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e Athematicz difcipline, quz o-
28, [k mnescirca quantitatem verfan-
,tur, nomen acceperunt 2 Grz-
&' GcadiGtione uadyua fev uddyag,
EpeFaT quadifciplinam , & do&Grinam
fignificat;ed quod tum gradatim afcenden-
do doceantur,& addifcantur;tim folz fem-
per ex pracognitis quibufdam, concef(is, &

probatis,principijs,(Haud ex hypothefibus

nondum explicatis)ad cocluliones demon-
ftrandas, quod proprium eft do&rinarum
& difciplinarum officium, tefte Ariftotele
lib.1.Pofter.procedant,

Pythagoras, & Mathemarici vniuerfas
Mathematicas difciplinas in quatuor partes
principes diftribuiic, nempein Arithmeti-
csm, Muficam , Geometriam, & Aftrono-
miam. Cum enim omnis quantitas, circa
quam hz difciplinz verfantur,fit vel difcres
ta, fub qua omnes pumeri continentur; vel
contipua, fub qua omnes magnitudines
comprehenduntur ; & viraque tam fecun-

)( 2 dum
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Marnreseos Drvisto
dum fe, quam comparatione alterizspofiic -
confiderari; Vifum eftillis has quatuor par
tesinftituere, quz vtramque quantitatém -
pro duplici confiderstidae, ditigenter con-
templarentur. Itaque Arithmeticaragitde -
. quanritate difcretafecandum fe; omnefque
pumerorum proprietates ac paffiones in-
quirit, & accuraré explicat. Mufica tra-
Ctat eand€ quantita-€ difcrets, feu numerum ?
eum alio comparatum ; quatenus fonorum
Harmoniam,& concentum refpicit. Geo-
metria de magonitudine,feu quantitate con-
tinua, fecundum fequoque, vtimmobilis »
exiftit, difputar. Aftronomia dénique mag- -
nitudiné, vt eft mobilis,c6iderat;qualia size
& corporaccelgftia cGtinué mota. Ad hasaiit -
quatuor {cientias Mathematicas,tum purss, -
ti mixras,omnes ali¢ de quantitate traan.
Ye5,vti PerfpeQtina Geographia Erereomatria,
& czrer, tacili negocio, tanquiad {uaca-
pita,& fontes, ex quib. emanant,redacitur. .
Geometris apud Euclidem diuiditurin
planorum (fuperficierum planarum. ) cgn»
v templationem,feuGeometriam propriedi-
~ &am;quelibris fex primis abloluitur; Etin
¢ folidorum(corporum folidorum:)fpecula- ,
tionem,fcu Etereomatriam ; qua libris po-
ftremis pertraGatur. Prior quidem pars,
nempe Geometria,intres partes {ubdipie
ditur. Nam in prioribus quatuor libris sgi-
tur de planis abfolute , ita vt corum zqusli-



MarrEeSEOS Divisto:’
tss, &inzqualitasinueftigetur. Inquinto
vero libro de rationalibus magnitudinum
proportionibus in genere difputatur.” In
fexto denique libro proportiones figura-
" rum planarum diftutiuntur. Pofterior ve--
10 pars,nempe Etereometrica , in tres quo--
quepartes fubdivitur. in quarum prima,*
videlicet libris tribus, feptimo, o&auo, &
nono, agitur de numerorum proprietati--
bus,paffionibufquead linearum(& aliarum
magnitudinum:)(ymetrarvm feucommens,
furabilium , & atymetrarum , feu incom-
menfurabilium traQationem neceflarijs.
In fecunds, nimirum libro decimo, fatis
prolixo,delineis commenfurabilibus,&in--
commenfurabilibus , fine quarumh notitia,
corporaillaquinque folida, regularia, {eu
- platonicaperfecté tralari nequeunt, dile-
ritur.Intertia denique,némpe libris fex po.
firemis (qui &ipfifubdiuidi poterdt)de fo-
lidisillisacutitfime difputatur, eorumque
proprictatesinueftigantur, Depun&isau-
tern, & lineis in hocopere nullaex profeflo
extat contemplatio: quoniam Geometria
poti{fimum circafiguras, quibus plana, &
{olida duntaxat(non pun&a, & linez:) atfi-
ciuntur, verfatur,
Demonftratio omnis Mathematicorum
ab antiquis fcriptoribus diniditur in Pro-
blema, & Theorema. Problema quidem
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MarHesros Divisio.
vocatur eademonftratio, quziubetatque
docetsliquid conftituere, facere, inuenire,
defcribere, &c. vt fuper datalinei reQater-
minats trisngulam zquilaterum conftitue
¢re. Theorems verd appellatur ea de-
monftratio,quz (olum sliqusm propriets~
tem, feu pafionem vnius, vel plurium fi-
mul quaatitstum ( multsrum vel magna-
rum isminuentarum : ) perfcrutatur, vtin
omni triangule tres angulos efle zquales
duobus reis. Czterim tam problems,
quim Theorema dicitur apud Mathema.
ticos propofitio; €d quod virumque ali-
quid nobis proponit, vtiinexemplissddu-

< &is conftat, Demonftrationes problema-
tum concluduntur his fere verbis;Quod fa-
clendum erat: Theorematum verd De-
monftrationes,his verbis; Quod oftenden-
~“dum, vel demonftrandum erat; habitini-
mirum ratione veriufque. Adhzcproble-
mata per modum Infinitum , fed Theore-
mata per modum finicum fer? proferun-
tur. Lemmsa({umptio,vel aflumpri laring)
appeliatur ea minus principalis, &aliqus

¢ untum declaratione indigens, demonftra-
ti~,quz ad demonftrationem alicuiuspro-
bicmatis, vel Theorematisprincipalisaffu-
mitur , vtilla demanftratio expeditior, ac
breuior flar;ve videre licet lib. & propof. 22,

& paflimCorollarium, feu porifma, denis
‘ ‘. que




MaTneseos Diviste.

que eft, quod protenus ex facta demonftre-
tione tanquam lucrum sliquod additum,
feu c6fe&arium accipitur ; vt videre eft lib.

s.propof.4. &paffim. i
Cim omnis autem do&rina, omnifque
. difciplina ex praexiftente cognitione gig-
natur,atq; exsffumptis, & conceflis quibuj-
dam principijs fuas demonftrat conclufio-
nes s Nulla autem {cientia, tefte Ariftorele,
fua principia demonftret; habebunt & Ma-
thematicz difcipline fua principis , ex qui-
bus pofitis, & conceffis fuaproblemata, 8
Theoremata confirment. Horum sutem
triafolum genera spud Mathematicos re-
pesiuptur. Quorum primum lg’:rms contd-
net definitiones,quss nonnulli Hypothefes
appellant, vt pur&um eft, cuius parsnulla
eft, Secundum genus comple&itur petitio-
nes,feupoftulataque per fe aded perfpicua
funt,veoullaconfirmatione indigeant, fed
suditorisduntaxataflenfum expofcant, v&
poftuletur, vt quouis pun&o in quoduis
unctum, reGam linesm ducereconceds
tur, Tertium deniquegenus comprehendic.
Axiomata, feu communesanimi notiones,
quznon folum in {ientia propofitafed et-
fam in alijs omnibus viqueadeo euidentes
funt , veab eisnulla ratione diflentire queat
is, qui ipfs vocabuls recté perceperit, ve:
Quz eidem zqualis, & intes fefunt z‘?ualia.
crum



Marxueseos Divristo.
-Nerum fecundam nonnullos principium
.formale duplex exiftit, nempe indemon.

ftrabile feu facile, vt definitio, poftulatum,
& axioma ; demonftrabile, vt Problema,
.. Theorema, 8 omnis propofitio. Principi-
um vero materiale eft pun@um, lines, &c,
.Yid.& P.Chriftophorus Clauius, nobiliffi-
mus Elementorum Euclidis Interpres.
Colonig Agrippinz; anno 1607,
lunij$.




EVCLIDIS

 ELEMENTVM
"PRIMVM,
DEFINITIONES.

Vnéum eft, cmus parsPun&um nul
Pla eft. ‘

I.hm verd, longitudo Iatitudinisexpers.

ziwefl m
J. ' d tllm .

! Ly
L.lnec awem termini, funt pun&a,

4+
Re&a lineacft, quz ex zquo fua mtcrhm
p\m&a. -~

f
Superficies eft, quz longitudinem latitudi-
nanqnmnn‘xm habet

- 6Supere
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6 .

Superficlei extrema funt linez,

7 ‘
Planafuperficies eft, quz ex#quo fussine

teriacet lineas.

NSOV

8.
Planusangulus eft duarum lineatGin plano
fe mutud tangentium, & non’indireGum

— facéd -
.| um al

. terius -
~ sdal-

‘teram
incli-
natio,

9. w
Cim sutem qug angulum continent lineg,
reQz fuerint, re@ilineusilleangulusappel-

~ latur, :

o _
Clim verd reQs linea fuper re@am confi»
ftens lineam, eos,qui (unt deinceps,angulos
equalesintgr fe fecerit; reGuselt vierque

ZQuae

-
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Eqnaﬁ orum : quainfi ﬂ}tn&al}!
nea; per cularis vocatus eius , cul infi- -
Rit. A : :
/s
o Y T
.
bbmfm engulus eﬁ.qui re@o malor eft,

Acutus veid, quimmor cltre&o: -
Termidusefl, quodﬂicmmcmmeﬁ

. . 14
H¥wa ,que fubaliquo, ve sliquibuster-
nis comprehehditur. :

15.
Circuluseft, figurs plana fub vna linea c&
pschenfa,que peripheriaappellaturjad qui -
shvno pup&o corug, quc mt.ra ﬁguuﬁ‘:
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unt po- , e
fita, ca- :
dentes
omn“. Disameter &
re@zli-\ . Ggé)
nez in. ' |
ter fe
funtzquiles.

14.
Hoc verd pun&um,cemtum circufi appel--

latar. o

Y 1 P '; ‘b e

Co -
Dmnctcr sutem circul, eft re@a 12dam
Yinea pet centrum duéis, & ex er:gzé par-
te in circuli periphefiam tcrmmata, Qs
cifulum bifaffain Rcat.

118. . -
Semicirculoe vepd eft figura, qqzcb‘nune-
tur fub diametro,& fub ca linea, quz decir.
culi penphem :ufertur.

Ro&t lines ﬁgurzfunt,qu; fub rc&is lineis .
comtineptur, -
) ¢ - zo.Tu-



LIBE R I ’;

_20. Trilatesz quidem, qua fub tribus,
at.

Quadrilatcrz,quzfub quatuor.

Mualtilaterz verd, quz (b pluribus, qrAm
quatuor,n&ulxnelscompréhendltur
23
" Trilatererum ansem fi-
gurarum , -zquilaterum
eft riangulum,quod tria -
laterahabetzqualis.

lfofcelei ‘

sutem &,
quod du
tantim 2-
qualia he
bet latera.
.

. ScaJenym

' verd eft,

quod tris
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inequalia habet latera,

z‘.
Adhecetism , trilaterarum figarsrum, ses
&angulum quidem triangulum ek, quod
seGtum angulum habet. '

7 .
Amblygoniumautem, quod obtufum ane
qulum habet. '

3.

Qxygonkim verd, quodtres habet scutes

sngulos. .
29.

Quadrilsterarum sutem figurarnm, quadra

tum quidem eft, quod & Oqaihurzum » &

refangulumeft. = - '

M.

Bz

et

jo.

Altera v longlor figuraelt, rq;
. &angula . ;Eluimanona‘f

~ pRhome
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J& g
bussu

tem,

quee- -
\ q““._ ,

. ters, _

fedre&angula non eft,
Lo 5 32 ' .

R homboides verd,quz aduerfa & laters, X . .

sagulos habens inter fe zquales, nequs »-

quilatera eft,neque reanguls.

33.
Prerer

hassu-

= e\ R
liqua :
qQuadri

lacerg figura,trapeziaappelientur. -
Parallclere&= line:?.unt )
quacim in eqdem fint pla

no. & ex viraque partein in-
finitum producantur, in neusram fibi mu-
tud incidunt,

—————

3 o
Parallelo grammum eft fignrs, quadrilate-
ra,cuius bina appofitalatera funtparallels,
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A B

11111

» -t
;‘0 . - ‘

Cdm verd in paralielogrammo diameter

du@a fuerit, duzds lines lateribusparsile’

12 {ecantes diametrum in vne codenique

pun&o, ita vt parallelogrammum sb hifke

parallefisin quatuor diftribuatur parallelo-

gramma;appellaptur duoilla, per quadis-

meter non tranfit,complements; duo verd

reliqua, per quz diameter incedit,circa dia
mstrum conliftere dicentur.

A E B

S

D F ¢

Petitionsﬁgel"p(tulara.
"2 .
Poftuletur, vt 3 quouis pun&o inguoduis.
. punGum,
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Bl o

~ D
prirGum, téétam lineam ducere cocedatur.
2 ! .
A ,BC D
e T W | S

Et re@am lineam terniinatam in continud
reQaproducere.

v [ERF LI ’. .
Item quouis centro , &
interuallo circulum de-

.

fexibere, 0

. ,‘--‘ - ‘0 T ' EE Y
Jeem quscunque magnitudinedats, fumf
pofic liehy migaitudinem vel maiorem,
vel minotem. . SRR T
Communes notiones fiue axiomats,

L ,
Que eldem 2qualls,& inter fe funt 2qualis,

Poa
Ec, fi zqualibys zqualia adieQa fint, tota
funtequalia. . ‘

3.
Et, {i #qualibus 2qualia ablata fint , qus
selinguugtsrfupeRausia. - . o o
o~ : A 5 *‘Et’
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Et, fi inequatibus aqualh adieta fint,tots
funtinequalia.

Er fiabi aqnalibus uafia ablaa fing.ro-
hqua?'ux:'t‘inzqmlu.zq

Et,quz uufdcmduphdaf-t.hteﬂoﬁn
- mquis.
7.
Bt queciufdem funt dimidis, inter fomqua-
lisfune.

Et que fibl mutnd con;mm.uhm fs
funtzqualis,

Kteotum (uopam mduseﬁ.

'Dua ﬂnwn&anonh-bmwm&ldm
ﬁmm commune, :

3(','

nncreaz in vao ynnaomr-
ﬁus S




LIBER L "o
pentes, i producantur smbe, neceflayid (s
“mutud) in co pua&o interfecabane.
n.
Item, omnes re&i anguli {unt inter fe 2>

s

1.
Ez, fiinduasrefas !itms slterare@aincis
dens, internos ,ad eafdemdue partes argue
los,duobus re&is minores faciar ; dozilig
re&a linexin infinitum préducte fibi mu-
tud incident ad ess partes, vbifuntangu'l
duobus reitis minores. !

_ . : ,
Duz re@iz linez fpstiumnontomprehens
dunc, SRR

i :

8 #qualibus inequalis sdiiciantur,eriero”
worum exceflus, adie&ori exceflulzquslis,
16, | '

Sl inequalibus 2qualia sdiurgintur, erit
totorum exceflus, excellui eorum, quaz 2
rincipio erany, zqualis.
P.., pio eraat, zq ".ﬂ'
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.. v- ‘17. o, Lt
Si ab 2zquilibus jnzqualia demantyr, erit
refiduorum exceflus,exceflui ablatorum -
qualis. o . Ve e )
‘ 18. e
St ab inzqualibus 2qualia demantur, efit
refiduorum exgeflus, exceflui toterum 2-
qualis. .

. 19. !
Omnetorum = eftomnibus fuis pazd-
bus imul fumpg:ak pesd
20.
St totum totius eft duplum, & sblatum ab-
lati; erit & reliquum reliqui dyplum,
Problemax. Propofitio 1.

s o> S \EF
e D N\ )

nata, ; ' *

trian- % - ngi

gulum 2quilaterum conflituere,
Problema 3.Pro-

pfittoa.” /)

Addstum punétum, da-

tz redtz linez, zqualem

re€tam lineam ponere.




LU LIBER' L B
Problems 3. Pro- S
~ fitio3.

Duabus datis re&isli-
neis inzqualibus, dema-
iorezqualem minorire. -
Gam lineagn detrahdre, ;

Theorema 1. Propofitio 4.

Si dmo tfianguta duo latera duobus lates
ribus zquaha habeant, vtrung; vtrique; ha-
beant verd & angulum angulo ¢ualem fub
2qualibusre@isdineis contentum : & bafia
bali 2qualem habebunt; eritq; trisngulum
triangulo ®quale, acrehqnungull reliquis -
angulis 2quales erunt, vterque verique,fub
qunbuszqualxa laterafubtenduntur.

JAWAN

Theoremaz.Pro-

pofitiof. o
Ifofcelcum triangulo- "

ui ab bafim funt
'm'rgul;J nterfefunt2qus ¥
‘les; & £i vieerius produ-

&z fint aquiles illzre- 2

| Sy
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2 linez, qui fub bafi funt anguli, inter {8
equales erunt,
' Problemas, Pro-
pofitio6.
St trianguli duo angufi )
equales inter fefuetintg
& fubaqualibusangulis
fubtenfs lstera 2quali .
tritet feerunt, ¢
Theorema 4. Propofitio .
Super esdem re@a linea,dusbus cifdem re--
&is lineis aliz duz re@z linex #quales, vs
traque vitique,noa conftituenturad aliud
- :

€ D

2. PI{'- \B .A .

.~ -wes.cofdentdue terminos cum duabus inl
#odu&is retis lineis habentes. ;
Theoremay. Propofitio. 8.

- Si duo triangula duo latera habuerine due-
bus lateribus, vtrunque verigue, 2qualias
habuerint verd & bafim bafi zqaalem: |
an§ulum quoque fub 2qua'ibus re@is li.
neis contentum ‘angulo zqualem habes

punt,

Prev



Piobjems ¢.Propofis
- doyg.

Dstum srgdlom re&ili-
* neum bifariam fecare.

. Probkﬂng?m-( b\a@! ¢ % “

po fitio ro.
Dstam reQam lineam
finicam bifariam feca-
N ". J D

Problema ¢. ofttiory,
Dati Frop -

. gelia 4
ipun . '

&oin
eada- .
to,re- X____ P

M lineam ad angnlol n&os excitare.
"~ Pgos
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Problema7 Pro-
ofitio 12,
Super cratam re&am li-
. peami infinitam i dato
pundto, quod in eanon
oft, perpendicularem -
re@aim deducere.
Theqema é. Pro-

itio 13.
Cim reat linea fuper
reGam cofiffens lineam.
angulod facit, aut duos
reQos,aut duobus re&is
equales dfficier.
Theorems 7. Propo-
fitio 14. '
Siadaliquam re@amli- _ °
neam,atq; ad ¢ius pun-
Gym, duz rctie linez
noh ad eafdenr partes
ductz, eos, qlq?m: deipceps, angplos duo-
$

bus reQis zquales fecerint, indireQi eryng
interfeipfereGz linea.
Theorema8, Propo-| <
fitio 15. N

Si duzreGzlinezfe mu-
tud fecuerinc , angulos,
quiad verticem funt, 2-
qualcs inter fc ethicient,




. LIBER L | -
¢orema 9. Pro.

. pofitio 8. *:4 "%
Cuiufcungue trianguli ‘
vno latere produ&o, ex

ternus angulus viroque

interno & oppofito ma- \

iorett. b
Theorema 10. Pro- "

tioa7.
"Cuiufcunque trianguli
duo anguli duobus re-
&isfunt minores, om-

apifariam fumpti, Ly

Theorema 11. Pro- A 2%

poltio.
Omnis trianguli maius
latus maiorem anguli 4
dubtendit,
B

_Theoremays. Pro-

pofitio 1g. g\
Omnis trianguli maior
angalas maiori lateri
fubteadicur,
- .

B

&
<&,
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Theorema 13. Proo
pofitiozo. ?(é”
Omnistrisnguli duo la- '
tera reliquo funt maio ¢
ra, quomodocunque af-
fumpta. c 5

Theorems14.Pro- A
pofitioat.
Sifupertriangulivnola-
tere, sb extremiratibis
duz re&z linea,interius
conftitute fueriot; hz
confticutz reliquis tri~
anguli duobus lateribus minores quidem
erunt; minorem verd angulii continebunt.
Problema 8.Propofitio 22
Ex tribus
recisli-

&is lineis
zquales, —_—
triangulum conftituere. Qoportetautem
duas reliqus efle maiores omnifarism fom-
ptas: quoniam vaufcuiufquetriangeli duo
latera omnifariam {umpta , refiquo funt
maiora. - .

Pro-




. LIBERE . o
Problema 9. Propofi- c \,

. tio2s.
Ad datam reGam lines, ",
datumd; in es puntum,
dato angulo reQilineo »
@qualem angulum re&i-
lineum conttiniere, '
Theoremaig. Propofitio 24.

Siduo ‘ g X,

=N
la

gl':m ls-
tera du
obus la
- teribus
‘¢qualia habuerint, vtriiq; virique,angulunt
verd angulo msioré fub zqualib. reQisline
is c6tentum: & bafin bafi matoré habebunt,
! Theotema16. Propofitio, 2f.
Siduotrianguls duo latera duobus lateri,
bus zqualia habuerint, vtrunque vtrique:
bafinve »

rd bafi
maioré; 4

&angu-
lum {ub
#tuali-

busre- E F Bl —
&islineis contentim angulo maiorem b

hebuat, Ba Cheor

G E ¢
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Theoremary. Propofitio 26.

Siduo triangula duos angulos duobus ane
guliszquales habuerint, vtrunque verique;
vnumdus latus vni lateri quale, fiuequod
zqualibus adiacet angulis, feu quod vniz-
qualium angulorum fubtenditur : & reli-
qua latc¥a

reli-

quisle A % A

teribus ¢

®qus- :

liav-

trungs

virig; B ¢ E .

& reliquum angulum reliquo angulo 2qua

lem habebunt, o
Theorema 18. Pro- '

pofitio 27.

Siin duasre@as lineas re. A—

&aincidens linea alterna-

tim angulos 2quales inter ¢

fefecerit : parallelz erunt

interfeillzre@zline=
Theoremaiy. Pro- E.

pofitio 24,

Si in duss reQas liness a

re&aincidens linea, ex-

teroum angulum inter- ¢

no,& oppofito,&ad eaf-

dlem partes, 2qualem fe- x

B
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cerit,aut internos , & ad eafdem partes duo.
busreQiszquales: parallelz erunt inter fe
ipfe reGz linez.

Theorema:o.Pro.
pofitio2g.

- Inpagallelasre@as lineas
reQs incidenslinea:& al-
ternatim angulosinter fe
aquales efficit, & exter-
num interno & oppofi-
to,& ad eafdém partes zqualem, &internos
& ad cafdem partes duobus reétis zquales
facit,

Theorema'2t. Pro- o
pofitio 30. A
Quzeidem reGzlinez, ¢
parallele & inter fe funt
parallelz.

]

Problema 10.Pro-
pofitios1.

A dato pun&o datz re- 9,

Gz linez parallelam re-

&am lineam ducere. D

) . D
Theorema 22. Propofi-

tioss, .

Cuiufcunque trianguli vno latete alceti

B3 pro-

.
i
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rodu&o:externusange-
us duobus internis & op- '
pofidiseft zqualis. Bt tri- 2&
snguli eres interni anguli
duobus funt reQis zqua-
lgs.

1

Theoremaz3 Pro-
pofitio 33. 4

Re&zlinez quz zqus- 3 ﬂ :
les & parallelas lineas ad

partes eafdem coniun- a
gunt, & ipfz zquales &

paraliclz funt,

Theorema 24. Propofitio 34
Parallelogrammorum

fpatiorum zqualia funt . <
interfe, quzexaduerfo, | 1
alda;e‘;:,&,an uli:atque | - .
illabifsriam fecatdiame o

ter e

A DE
Theoremazs. Pro-
pofitio3s.
Parallelogramma fuper
eadembafi, &in eifdem

rallelis conftituta in-

s fefontpqualia, B >
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Theoremaz6. Propofitio 36.
Panallelogramma fuper zqualibusbafibus,

- ineif A » e -

dépa-
ralle. /
lisc6. m
fticu-
ta in-
ter fe B c F' e
funt zqualla. v :
Theoremazy. Pro-
pofitio 37.
Triangula fuper eadem
bai conttituts, & ineif-
dem parallelis, inter fe
funt 2qualia. 5 R C

Theorema:8,Propo- ©_A__ D H
fitio33.
Triangula fuper ®quall-
bus bafibus conftituts, &
in eifdem parallelis, in-
ter fe funt 2qualia. B oF
Theorema 29.Pro-
pofitio 9.
Triangula gqualia fuper
eadem bafi, & ad eal-
dem partes conftituta:
& in ci(dem funt paral.
Jglise

B4 Theo-
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Theorema 30,Propo-  £__ D
pofitio 40.
Trisngula zqualia fuper
equalibusbafibus, &ad
eafdem partes conftitu.
ts, & incildem funtpe L

rallelis. '

<

Theorema 31, Propo-
fitio 4t.

Siparallelogrammum cum trianguloesn-
dem balin habuerit , in r D X

eifdemque fuerit paral
lelis, duplum erit paral-
lelo grammum iphius tri
anguli. , B . <

Probleman, Pro-
fitio 42.

Dato triangulo zquale
parallelogrammum ¢6.
ftituere in dato angulo

reilineo.

Theorema 32. Propo-
ficio 34.

In omni parallelo grammo, complements
. eorum,
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- ° . A_H . D
eorum,quz circadisme- -
trum funt, parallelogri-*® - "
morum, inter f¢ funt - R
qualia.

B Q [~

Problemars. Pro-
pofitio44.

Ad datam reGam line- A L -
am , dato, triaigulo, [C} . o
zquale parallelogram- yg I3

mum applicare , in dato
sngulo reilineo:

¢ B
HA

‘Problemars. Propo-
fiio 4¢.

Dato reQilineo, equale para'lelogrammii
conftituerein dato angulo reQilineo.
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Problema 14.Pro- 3

pofitio 46. 2
A datare@alines quadta

. tum defcribere;

A y 3

Theorema 33. Propo-
pofitio 47.

Inre&angulis tri:ngulu,quj&amm, quod
A latere reGum angulum
fubtendente defcribitur,
squale eft eis, quz 3 late-
ribus reGum angulum
continentibus defcribun
tur,quadratis,

Theorema 34. Propofitio 48.
Siquadratum, quodab vno laterum trian-

alt dcfcnblmr zquale . '

teis, qui 3 reliquis tri-
anguli lateribus defcri-
buntur, quadratis; angu-
lus comprehenfus fub re
liquis duobus trianguit
lateribus,re@us eft.
FINIS ELEMENTI L

[<]

EVCLI-




EVCLI NIS
LEMENTVM

- SECVNDVM. |
DEFINITIONES

b 2

Mneparallelogram. B
O oum redangulum -

cOtineri dicicur fub
teétis dusbus lineis, qua re

&um comprehendunt sn-

gﬂlum .

B

%

ln omni parallelpgram. ,

mo fpatio, voum quod.

libet eorum, qoz circs %

dismetrum illius fuat, re
parallelogrammorum,

cum duggrus comple-

meantis, Gnomon voce-

tur.

Theoremai. Propofitio 1.

§i fuerint duz re@z linez, (ecemrq,lpfa}’u

aliegaio c!uotcunquc {cgmcnu uéwgu mt:
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comprehenfum fubillis 81 :
dusbus reQis lineis, 2-
qualeeft eis quz fubin-
feGa & quolibet fegmé- T
torum comprehendun-
tut, reGangulis.

Theorema2.Propo- & c.®
itio 2.
SireQalinea fe@a fit vt- “%},
cunquesre&angula, qua
fubtota, & quolibet feg- .
mentorum ‘comprzhen- 5 2
duntur, zqualia funtei,
quod atoro fir,quadrato;
Theqremas. Propof itio. 3.
Si reGa linea-fe&a i1t vecunque re&ingi-
Jum {ub tots,& vno fegmentorum comprg
henfum, 2quale eft illi, ‘ <
quod fub fegmentis com- s
prehenditur re&angulo, !
&illi, quod 3 prediGo J
fegméto defcribitur, qua
drato,
Theorema 4.Pro-
pofitio 4. c
Si re@a lines feQa fit vt ¥
c:mquequadratum,quod ‘
3 roradefcribitur,zquale V" - | |
eft&illis, quedfegmen- = ¥ E

.
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tisdefcribuntur, quadratis; & ei quod bis
fub fegmentis c0mprehendttur » reQangu-
lo.

Theotemas. Propofitios.
SireQalineafeceturin 2qualia, & non =
qualu re&angulum fub inzqualibus feg-

‘mcnus to A c s &
tiuscom--

prehen- |

fum, vnd

cil quadn

to, quod B‘%
ab inter.
mediafeQionum, zqualccﬁu,quodidb
midia defcribitur,quadrato,

Theorema 6.Propofitio 6.
SireQalineabifariam fecetur, &illireQs
quzdam linea inreGum adijciatuf : reGan-
gulum comprehenfum fub totacum adies

a,&adieQa,vaacum . |
quadrato 3 dimidia, - [ | A
quale eft quadrato 3 li- N, »®
nea, quztum ex dimi- AVER
dia,tum exadieGacom- - S
ponitur, tanquam b v-
na, defcripto.

Theorema. Propofitio7.

Sirefalinea fecetar vtcunque; quod  tots,
quod-
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quodqueabvnofegmen-
torum; vtraq; fimul qua- [
drara, 2zqualia funt &illi, | -
quod bisfubtota,&di&o "
fegmento comprehendi~ | %\
tur,rectigulo;&illiquod b—
- ¥ reliquo fegmento fit,
quadrato, ,
Theeretha 8. Propofitjo 8. .-
Si re&alineafecerur vicunque;; re@anguld
quater comprehenfum

[ < ;)

fubtota, & vnofegmen- [~ 3% 7
torum, cum o, quodi LT
reliquo fegméro fic, qua -V 1°
drato,gqualeett ei,quod

i tots, & difo fegméto,

tanquam 3b vna linea HLX
defcribitur,quadrato.

. Theoremag. Pro-
pofitio 9. x g
Si reQa linea fecetur in ,
2qualia& non zqualia:
quadrata , qua ab inz-
" qualibustotius fegmen-
tis fiunt, fimul duplicia
funt, & eius,quod 2 dimidia,& eius,quod ab
intermedia feQionum fit,quadratorum,
Theorema to. Propofi~
e tio 10.
SireQa lineafecetur bifarii, adijciatur ade
siin
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elinre@d quapiamre&a
linea: quoditotacumad %
fun&a, & quodab adiun- S
&a, vtraque imul qua- 4 ' o
@rats; duplicis funt, &e- - 1
ius, quoda dimidia, 8¢c- \q
ius, quoda compofitaex

dimidia &adiun@a, tanquam ab vna, de-
feriptum fit,quadratorum. -

Problema1.Prepofitioss,

Datam reQam lines fe= B
care, vtcomprzhenfum thw .
fub 16, & altero fegmée LT A

torum re&angulum, 2~ "~ A
qualefitei, quodareli- -
quo fegmento fit, qua-

drato, ~

Theorema 11. Propofitio 12.
In smblygonijs tridgulis, quadratum,quod
fitd latere angulum obtufum fubtendente,
maiuseft quadratis, quz fiunt ) Jateribus
obtufum angulum comptehendentibus;re-
&grgulo bis comprzhenfo, & ab vno late
rum,quafuntcircaobtu-
fum angulum, in quod cii
protraltum fuerit, cadit
icularis, &abaf.

umptaexterius lineafub
serpendiculari propean-
l:ulumobtufum.

.

- 3
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Theorema 2. Propofitio 23.
In oxygonijs triangulis,quadratum 3 latere
angulum acutum {ubtendente , minus eft
quadratis, qua fiunt 2 lateribusacutum'an«
gulum comprehendentibus; re@angulo bis
comprehenio;& vno laterum,quz funt cir.
caacutum angulum, in “~ ’
quod perpédicularis ca- »fé 9&‘ i
dic, & ab affumpta inte-
riuslines fub perpendi- ‘
culari propeacutuman-
gulum.

TR |
Problema . Pro- 0}% o@ :
pofitio 14. |
8 ¢€ }

Dato re@ilineo zqua-

le quadratum conftitu-
ere. g ,
|

ASES

[}

FINIS ELEMENTI IL

RVCLIL.
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EVCLIDIS

o ELEMENTVM

- TERTIVM,
DEE!NITION!&

S30823..000 b 3

- Aequales circtili ﬂmt quomm diametr}
funte- .

fualésy” ")

v:lqﬁo '

Fum,-

& \/\L/
teCl= ‘
thz(mtqnle& /
i

£ D)

le&aliuadrcnlumun

e dicitur , quz cdm
cu'cnlm tangat; fi pro-
ducseur; ci;cnlun gon
focat. :
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] "y

qut‘ . Vo “
mutud tangeptes, fefe mutud mon fecant.

l L en . - f\.',:" "[( -’.

Incirculo malclt‘t:" d«ﬁarem:f;mro,n&a
linea dicuntur, cAm perpendiculares, quy
_ wcentroinipfis ducuntur,funt zqm 6-'

fus au- '

tscm ab- | N .
effeilla/ | ). %
dicitur, " ;
in qui ‘

maior \

crpeno
Suuhns cadit.

e

Segmentumcnrc:uﬁeﬁﬁo e
gurs, quzfubreQalines, [~ A,
&circuli penphcna com

prehondimr

é.

Segmenti sutem angulus cft, quifubre@a
linea
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tllr. » ‘
In fegmegmh.:ueuf; mgula d't,cam in feg-
mentiperipheria fumptum fuerit quod
ampun@um , & abillo pr
in terminoy recte clus
linez qua fegmenti ba-
fis eft, adiun&tz tueriot,
re&elinez:i3, inquam,
angulus ab adiun&isil-
lis lineis comprehenfus,
s,

Cum verdé comprehen-
dentes angulum re&z li-
- neg¢aliquam 2ffumant pe-
tipheriam, illi angulus .

inf ﬁcre dxcntur

Se&orautem cxrouli eft,
cdm ad ipfius circuli &
trum conftitutus fueric,
ingtlus, comprzhenfa
pimirum figurs, &ire-
&is lintis angulum con-
tinentibus, & 3 periphe-
riaabillisaflumpta.

16;

. "“ '
ﬂmilhmmlifegnnenu é‘m;t.qgt ::g;ﬂm

L]

fines, & circuli penphcm compnhend{-

/
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csplunt ;

squales
sut in
_ Guibus }
auguli
inter fe
funt2-
quales.

Problema 1. Pro-
pofitio 1.
Dad circuli centrumre-

pcnre.

Theoremat. Propo-
fitio2.
Si in circuli peripheris duo
qualibet punta accepea fue-
rint;reGa linea, qua adipfa
pun&aadiungitur, intracir-
culum cader.
Theorema . Propofitio.3, |
§i in circulo recta quzdam lmea pet cens
trum extenfa quandam <
non per centrum cxten-
fam bifariam fecet: &ad |
engulos re&os ipfam fes
cabit: Etfiadangulosre-' \x/
&oseam lecet, bifariam N
- Quaqueeamfecabit,
é
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- Theetems3. Pro-., C

Siin ciggk; duzreGeli-

nez fefe mutuo fecent,nd

per centrum exten(z; fefe

mutud bifariam non fo- 3

csbunt.

- - Theprema 4. Pro-
e Wﬁde 1 13

Siduo arculi fefe mutud

_fecent; non eritillosum ™

) CeDtrum, .

‘Theorema 5. Pro=» - <
‘ politios. .
81 duo circuli fefs mue
- tud interiys tangens, eor
rum non erit idem cam A
trum. . . :

‘Theorema§. Propefitio7. ' -

Siin didmetro ¢irculi quodpiam fumstue
pun&um ; guodciradicencrum nonfitjab
" eod; pun&oincirculum .

uzdam rez linez c3-
3..:: ; maxims quidem
eritea in quacentri ; miec
. nima vero reliqus; alia
rum vero propinquior ¢
illi,quz per centrume dw
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citur,remotiore femper maior eft. Duz sue
tem {oldm re®e linez zquales ab eodem
pun&oincirculum cadunt, ad vtrafq; par-
tcs minime, vel maximz.

Theorema 7. Propefitio3.

Siextra circulum fumatur pun&um quod.
piam, ab eodue pun&oad circulum dedu-
captur re@z quadam line, quatom vea
quidem per centrum protendatur, reliqum
verd vt libet: in canam peripheriam caden-
tium re&arum linearum minima quidem
eftilla, quz per centrum ducitur: alisrum
sutem propinquiorei,
qua percentrumtrane
fie, rematiore femper
maioreft:inconwexsm
verd peripherid caden-
tium re&arum lineard
minima quidem eftil-

© la, quainter punium, %
&diametrum interpo- o f
nitur : aliarum suvem,
ea,quz propinquioreft ¥
minimz, remotiore .
femper minor eft.Dus a
putera rantim re@= linez #quales ab eo
pun@oin ipfum circulum cadunt, ad veraé-
fuepartes minihz,velmaxima.

Theo- |
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Theorema §. Propofito ,. v
‘Stincirculo acceptum fuerit pun&am alie
quod, & abeo pun&oadcu'cnlnm cadant
Plﬂm, R
‘qism :
duz,re-
&zli-

acceptil
pun&nmeenttum eftipfius circull,

Thearema g. Propoﬁuo Io.
Circu-

lus cir
culum
inplu. ¢

ribus, ¢

pun&ls ﬂonfcqt. :
Theotemato, Ptopoﬁuo it
St duo .
circuli
{efein
tus c6w
tingit,
atque
acce
P
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fuerlat eorum centra; ad corith centraade
" fun@are@a lines, & produ&:,h tﬁu&un
drcularum cadet.
Theoremart. Propoﬁuo 12,
f:guo circulifefe mmus condngam,unq
2y

conta- -
&urn illum teafi bit, -
Theorema 12.Pro- : \
ofitio .
Circulom circylum non
tangit in pluribus pun-
-§tis,quamrvno, fiueintus
fiucextra tangat.

.Theoremn}.l'ropo- o
ﬁtlbnq,.

10 circulo #quales re&=
linez gqualiter diftant
gentra. Et qua zqualiter
diftant 3 centro, zquales

(un:m;:; fe. .
- * ’)




[ 3

TCTCLERBER T, :
Th,coteqa 14.Pro- MAB
tic 11, '
In circulo maximaquit:
dem linea eft diametery | X 35n
sliarum autem propin-- \ |
quiorcentro, remotiors J
femper maior.
Theoremais.Propofitiosé,
Q2 ab extremitate diametri cuiu{que cie-
culisd angulos re@os ducitur, exeraipfum -
circulum cadet ; & in locum ister ipfam re.
&am lineam, & periphes -
riam comprehenfam,at
tera rcéta linea non ca-
det. Etfemicirculi qui-
dem angulus quouis an-
gulo acuto re&ilineo

, snsior efty peiquusauté - |

\D G

B

mil_l?l'.' ", v
; . I SR N o
Problema12.Pro-
pofitio 17

A dato pun@o re@am 12
peam ducere,qug datum
tangat circulum, :

Theorema 16. Propo- ’
fitio 18" '
Sicirculumtangatre&a quepiam lines, 3
C s entIq -
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_ centto autem ad conts- P
Gum adiungstur rea.
quadam linea: que ad-
fun&a fuerit , ad ipfam

contingentem , .
d.iﬂlhli‘i:ntﬂt- perpes

- fitio19.
- Sicirculum tetigerit re.
&a quapiam lines, A con-
tau autem re&a linea
ad angulos reos ipfi t§
-genti excitetur ; inexcita-
ta erit centrum circuli,
Theoremai13.Pro-
pofitio 20.
In circulo, angulus ad
centrum duplex eft an-
guli adperipheriam, ¢
fuerit eadem peripheria
bafisangulerum,

Theorema 19, Pro-
pofitiozr.
Incirculo, qui incodem
fegméro funt,anguli, fugt

inter fezquales.




Y " LIBER 111,

eoremsz0.Pro- - '
pofitio2s.
‘Q!adn;'qteromm incir (V
culis defcriptorum ang
1i, quiexaduerfo, duob- 2%
reétisfunt zq\ules.

TFheeremaar. Pro-
~ pofitlos3.
Super eadem reQa linea
duo fegmenta circulort
fimilia, & inzqualisnon 7o
conftitueatur ad nﬁm
partes. '

Super '/ : ‘
- mquali- E T ’

- Iy

bus re-

&isli- b\ ;4 n \ﬁ
T C

wotlia « BD
circulo

rum fegments,(untinter {c zqmlla. '

- Problems, Propo-
fitio 2f.

ﬁrcuu(cgmem dzto dofu:bcrcchcuh- '
cuiug

f



.
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cuius eft {tgmentum,

R
SR AN

) Theorema 23. Propofitio 264
Inzqualibus circulis, 2quales angulizquee
{ibus a : -

eri-
Pheri-
is infi
{tunt, &
five B o
sd cé R

tra,tiue ad peripherias conftituti, infiftant,
~ Theoremi 24. Propofitio 27.

In 2qualibus circulis,anguli, qui zqualibus
periphe \
r1js infi-
ftunc ,
{untin
ter fez-
quales, 4
fivead - &

centra, fiue ad peripherias conftituci, infi-
“‘n‘- o t.

Theo-

\
l



Theortma a5. Propo-
fiio28. -

In@qua”bus circulis, zquales retz lhec.

qu:l;s

eriphe
P 'iu- G
ferune;
maioré
quidé
maiorti, -
minorem atitem minori.

Theorema 6. Propofitio zy.

In=2qua A
libus
circulis
~ ®quales
periphe A
tisz Bl 0.
quales
reQzlinez fubtendunt,

A. C

Problems 4. Pro- . (VI
Peficio3o. ’X'Z > 2%
Datam periphetiam bi- / / o
fariam fecare, e

Theorema 27. Propo-
pofitio3te

!nc:rculo angulus,qmmfcmclrculm .
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us eft-quiautem in maioke fegthiento, mis
norre®o:jquiveroin mi
pore {egmento , maior
eftre@o. Et infuperan-
gulus maioris fegmenti, °f
re&o quidem maior eft,
minorisautem fegmenti
angulus,minor eft re&o.

Theorema 28, Propoﬁtio' 3.

Si circulum tetigeritaliqua re@a lines, ¥
contau auré prodnca~
tur quzdam rea linea
circulum fecans: anguli,
quos ad contingentem
facir,equales funtijs, qui
inalternis circuli fegmé
tisconfiftunt,angulis.,

_ Problemas. Propofito 3. _
Super datare&ta linea defcribere fegmentit
circali,qpod capiatangulum 2qualem dato
sngulo re@ilineo. ¢




| 1. _»,.)L-Ihvgx frﬂ “

' lema 6. Pro- - '
pofitio 34.

Adstecirculofegmen-

Ymsbfcindere,capiens ' - -

ssgulumh #quslem dato - .

snguloreilineq,

Theotema2. Propofitio 35.

$i in circulo dug re&z linea fefe mutud
fecuetint;fe@&angulum comprehenfum fub
fegmen o a
,‘tis vnis,
zquale
eft e,

quod "\
fub kg. '
mentis ,
aleerius comprehenditur,te&angulo,

"Theotemaje. Propolicfess,

Siﬂ—.'ﬁg"?gj o

tracir :
cult '
fams-
£
“quod, 4

sb co;‘peb circuli cadant dve reQe lineay

quarum idem circuli fecer,alters
sltera qui verd

|

X7

H (‘ 'I

7
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verd tangat { quod fub _to;qlw,&sfd
riusinter puntum & conugxam periphe-
. riam sfflumptacompre tur, retangye
lum; zqualeeritei,quod 3 Gangente dt[ngp

bitur,quadrato,

- R A' .o
VRPN I L BT

Theoremagr. Propss” ' 4
S .t AP

$i extrs circulum fumaflit’ puoBum b
quod ab eoque pun&o in circulum cadang
duz re®= linez, quarum altera circulum
feger,altera in eum incidat;fic sutem, quod
fub totz {ecante, 8 exte- ‘o o
rius inter pun&um , & ' P:'
conuexam psripheriam
‘affumpts;,comprehendi-
tur,retangulum, 2qua-
. leei,quod ab incidente
defcribitu}muadrao;in
cidensipfacirculum tanget.

¥

FINIS ELEMENTI L -
. ’ '!' . ' .
/ . a - .

EYcLt

-———iram ¢
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EVCLIDIS
ELEMENTVM
QVARTVM, _
DEFINITIO(an. |
Igura re&iline:.in

hgura reQilinea in-
fcribi dicitar,cum fingu-
li eius figure; que infcri-
bitur,anguli, 4iogulalste k
ra eius , in qua infcribie
tur,tangunt. :

2,

Similiter & figura circum figuram defcribl
dicitur,quum fingula eius, quz circumicrie
bitur,la

terafin-

gulose- / \

dus hgu

reangu ‘
Josteti~

gerlnt,
Curcum quam illadeferibitur.

4

3 .
Figurare&ilinea in circulo inferibi dncntur,
quum finguli eios figurz, qua infcribieur,
D

ang.~

Vo
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nguli tetigerint circuli periphegiam.

, 4. :
Figurs verd re&ilinea circa circulum dé-
feribi dicitur, quim fingulalatera eius, quas
circum fcribitur, circuliperipheriam tan>

gunt.

. L .
Similiter & circulusin figira reQilineaine
feribi dicitur, qui circuli peripheria fingu-
la latera tangit eius igur, cuiinfcribitur.

6

Citculus sutem circum figure defcribi
dicitur; quum circuli peripheria fingulos
tangit cius figarz, quam circumfaribit, an«
gulos. :

9.
Re&alineain Greuloac- .
commodari, feucospta- ﬁé‘\

ri dicitur, quum eiusex-
trema incirculiperiphe-
ria fuerint,

Problema 1, Pro- -

pofitio &. T
In dato circulo, re@am = /™ ff )
lineamaecommodarez-  (— .8
qualem datzre@zlineg,

‘?
quz circuli diametto ndé 3 ‘J/
I qqipr.

3 . . frlt
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N G A
Probidiba 2. Pro>, . — AN
pofitios. n [ .
¥n davo circulo, triangu- /
Jum defcribere,dato ui- /
angulo zquiangulum. © F B0

Problema . Pro-

o . L] L

~ pofitios. N

Circa datum circulum /\ %
trisngulum defcrbere ; 4 —%

© dato triangulo @quisn- ., S
-gulum,

l;roblemaq; Propo-
fitio 4.

. In dato triangulo circu-
luminicribere.

, Problemas.Propofitio .
Circadatum trianguld, circuld fefcribere,
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Problema 6. Propo-
fitio €.
' [
Indsto circulo quadra-
tum defcribere.

Problema 7, Pro-
pofitio. 7

Citca dstum circulum,
quadratum defcribere.

Problema 8. Pro-
pofitio.

~ Indato quadrato circu-
luminfcribere.

Problems 9.Proe

pofitio 9.
¥
Q
Circa datum quedratii,
circulum defcribere.
B
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Problema 10, Pro- . . .
- peofitio. 10.
ofceles triangulum c5-
Rituere; quod habeat v-
ttunque eorum, qui ad
bafin funt, angulorum,
duplum reliqui, z
Problema 11 Propofitior.
In dato r ,
drcualo,
pentago-
ni zqui-
lacerum,
&zqui- g
angilum
infcribere,
Problema2.Propo- G
fdoiz. -
Circa datum circulum, .
onum , 2quilate-
r:tn:gtquhngulumdo ) x
feribere.

\
[ 2 -

/
Problemans. Propo- A
. fitio 13, :
In *gqpenugono 2qui )
latero, & zquiangulo cir
culum hfcriberngu -

. . - D; Pl'o'v
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Problema 14. Propo- A
fitio14.

Clirca datum pent:gani
squilaterum & 2quian-
gulum, circulum deftri-
bere.

Problema 15. Propofitios. .
In datocirculo hexagonum & equilaterd,
& zquiangu/um jnferibere. '
. c .

A

Indatocir
culo quin-
ti decsgo-
oum & e -
quilateri,
& zquian-
- giunde -
fcrbere.

FINIS ELEMENTI IV.




LIBER V.

EVCLIDIS

ELEMENTVM
QVINTVM.
DEFINITIONES

Asdﬁ magmtﬁdo magnitudinu mip
Pnor mgioris, qnum minor metitug ma
iorem.
Multiplex autem cft maio: mlnoris chm
minor metitur maiOrem =

Proportio, eftduarum mignitudinum eiud
dem generis mutus quadam fecupdum qui
ti talem habitudo, -

Proportionalitys verb oft proportionﬁ ﬁ- Do

nl!uudo-

5
Propostionem habere inter fe magmmdﬂ
nesdicuntur, quzpoffant mqluletzfefc
mutu6 uperare,
€. ‘ '

In cadé propomone rpagmtudma dictur
efle, primaadfecundam, & tertiaad quag-
tam,cﬁm primz & tertiz zque muluylicu.
i {;cundz & quartz 2qud mulsiplicibus,

D g qua-

-
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qualifcunque fit bzc multiplicatio, vtrun-
Quesh vtroque; vel vnd drficiunt, yelvifd
equalla funt, ve! ¥nd excedungy fi ¢g fuman-
tur,quz inter f¢. rdyqndept‘. ,,
Eandem sutem proportionem habentes
maguitudines, proportionales vocentur,

Cim verd #qué multiplicium , multiplex
primz magniudinis exceflerit multiﬁﬁ\i
fecunde ; ac multiplex tertiznon excefferis
multiplicem qusrre: tunc prima ad fecun-
dam,msiorem proportionem habere dice-
tur,quim tertiaad quartam.,

9
Proportinoalitas autem in tribus terminis
paucifiimis confiftic,
' 10. :

Ciim autem tres magnitudines ptoportio-
mles, fuering,primaad tertiam,duplicatam
troportioncm habere dicitur eius, quam

abetad fecundam. Atcdm quatuor mag-
nitudines propartionales fuerint, primaad
quartam, rrpiicatam proportionem haber
redicitur cius, quam habet ad fecundam:&
femper deinceps , vnpamplius , quamdiu
proportio extiterit, ' :
: . :
Homologe, feu fimiles proportione mag-
nitudines dicuntur, antecedentes quidem
Co o ante-

|




¢ -
~.1-t‘-l\ Te

uteceacnnbus, con{eqnentemrar conlc—
quentibus. - e

‘12, i
Alterna proportio, eft fumptio mteceden-
tis ad antecedentem,&confequentis ad‘con-
fequenrem.

13. :
Inuerfa proportio, eft fumptio confeqﬁcn-
tis,cen antecedentis,ad antecedentem, velut
ad ipfam confequentem.

14,
Compofitio proportionis, eft I'ampdd an
tecedentis cum confequente, céu vnmsad
ipfam confequentem.
- l r‘
Diuifio proportionis,eft famptia exceflus,
quo confequentem fuperat antecedens, ad
ipfam confequentem.
16.
Conuerfio proportionis, eft fumptioante-
cedentisad exceflum,, quo fuperatanteces
dens ipfam confequentem.
1
Ex zqualiutepropoero eft, fi plures dus.
bus fint magmtudmes,&lusahz multitudi.
pepares, quzbinz fumantur, &in esdem
proportlone .quum vt in primis magﬂltu-
dinibus prima ad vitimam,fick in fecundis
magnitudinibus primaad vlnmnm fefehs-

buerit.
. D¢ AL

PR
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Velaliter, fumptio extremorum per {ub-
duQionem mediorum,

. .18 - . .
Qrdinataproportio eft, cdm fuerit, quem-
admodum antecedensad confequentem , i=
raantecedens ad confeqnentem: fuerit ec-

Jam vt confequensad aliud quidpiam, its
soofequensadaliud quidpiam,
1

9

Perturbatasutem proportio eft, cim trib»
pofisis megnitudinibus, & alijs que fint bis
mulritudine pares, vt in primis quidem
magnitudinibus fe habet antecedensad con
fequentem, itainfecundis magnitudinibus
gnp,ecedg?s ad confequentem. vt sutemalis
d quidpiam fic in fecundis magnitudini.
liud quidpiamadantecedentem.

.. Theqremar, Propofitior,

§i fint quotcung; magnitudines, »)
quotcunque magnitudinum = ¢} I!
alium numera, fingulz fin L
farum; 2qué multiplices; quim®! %
multiplex ¢ft vnius vna magaitu™ :
do,tam multipleces eruntd; qm. )
peomeium: ar ¥

« Do g BT

fay v o

r
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Theorema 2. Propopoﬁtm 2,
S: pnma fecundz zqué fuerit multiplex,st-
quetertia quart® ; fuerit A .
autem &qumtafecnmdt f%
®qué muhiplex ,arqglesy . n
fexraquarz:erit&com- |
pofita prima cd quinta, 7 "% i
fecundz =zqué multi- *t I 5
plex;atg; tertiacuinfex- ¢ ¢ - ¥
ta,quarta. '

Theorema3.Pro- = @ /
.. . politio3.” " - l W R '
‘S'ﬁtpﬁmafecundzzqhé [ 1.9 .

nundplex a,tque tértiag |
qree fumimurautem
&qi.2 muldplices prlmz. 11 .
& terutk;eric &exzquo, | % z ’
furiptarum Vtrajuéveri- € X 5
ufque 2que multiplex; altera quidess fecun’
dz,altera autem quartz. -
Theorema 3. Ptopoﬁt
S{primaad fecunds,eandem h‘iuem pro-
Qruoné &reriiaad quartam;; ctiam zque
mu)ttplICcsprl .
mg & tertig,ad )
¢que multipli-
ces {ecundze &
} l !

quarce , iuxra
q.amuis. nuln‘
plh.au.mé €an i A p Ak
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dem habebunt propolitionem; fi, prputin.
terfe refpondent,tu fumptz fuerint

Theorema 5, Propo-. T € ,
firiog. | N .

Si magmtudo magnitudinis e T,
qué fuerit multiplex, atqueab. F
latp ablarz: etiam reliquareli- |

qucitunulnplex erit, vetotam!
totius.
("

™ Theotemas. Pro-

- pofitios, = - K
Si éuz magaitudines duarum
magnitydinum fint 2qué multi-
plices , & detraz quzdam fint.
earundem zqué muld pliges : & B D
reliquzeildem aut zqu;lc funt, au zgué;
igﬁrqm muluplxccs. ,

)

¥

N 3

SRR i

Thco_rema 7.Pro.
¥ pofiio 7, }'

Aequales ad eandem, eandémha ‘“l lq
bent nuonem & eadem adz
‘ : I

quales.

Theorema . Propo-
fitio 8. '
Inzqualium magmtudmum maiorad en-’
dem’
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. 3 N L 4
dem, mai - :
em, maiorem propor- IE ﬁ‘%)
. B
|

tionem habet:quim mi- ‘
nor: & eadem ad mino- , I
& mdl éﬂ 1

rem, maiorem propor-
tionem haber,quimad . ©
maiorem.
Theorema 9. Propofitio g. :
Quz= ad eandem, eandem habent proport
onem, xqua'es funtinterfe:&ad” I
qnas eadem, eandem habetpro- 1 I
portionem , ez quoq; funtinter I I I
fezqusles. : . ABC
Theorema 10. Propofitio, q,

Ad candem magaitudinem
proportionem habentium,que '
maiorem proportionem ha- 1 l
bet, illamaioreft,ad quamau- (
tem eadem maiorem proportionem ha.
bet,illa minoreft, ' '

Theoremaix. Propofitio 11,
Quz eidem funt .
ezdem propor-

}'..‘;J;ﬁmm * h i;ﬁlii

Theo-
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Theorema 12. Propofitio, 12,
Sl[mtmagmtu—

dines quotcun- | T - ¢
que propottie-| |

nales; quemad-

modd fe habu-

erit vna antece- I } I I
dentiumad VG H KX C & L 3

confequentium; itafe habcbum omnes an-
tecedcntes ad omnes confequentes:

Theofema 13. Propofitic 13.
Siprimaad fecund3, eandem habuerit pro-
pomoné,quam tertia ad quarti; tertiaverd

usrtam maioré proportioné habuerit;

qu m quinta ad
fextam : prima T
quogq;ad fecun- ' '
di maioté€ pro-

ortloné habe-

it, qudm quin-| | I }
taddfexam. MAB K

Theorema 14. Propofitiory,
Siprimaadfecundam eandem |
habuerit proportioné, qua ter | {
tisadquarti:pricdaverd qAm T N T
tertia maior fuerit,érit& fecun < = — —~
damaiot, quim quarta. Qgéd_'. L L -'-..
fi prima fuerit zqualis terdz, & B C D
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writ{ecunda 2qualis quart: fi verd minor;
& minorerit.

Theorema 15.Propo= e
7 fitiorg. ‘
Partescum patiter mul- S ix

tiplicibus in eadem funt
proportions, fi proutfi- A

. 1L
bi mutuo refpondent,i- e}
ta fumaatur. Hiy l
. : Bc E ¥
Theorema16 Pro- [
pofitio1s. '
"Si quatuor magnitudi- N
nes proportionales fue- | S §
rint, & vicisimpropor- | I Il I
tionales erunt. IT 1111}
EAB FGCDH
. Theorema 17.Pro-
fitio 17.
Si compofitz magnitudi- { K 3% 1
nes proportionales fue-
rifit,hz quoqg; divifepro-tH 1.
poruonales erunt; if
. i

<)

' .
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‘Theorema)3. Pro- A C
politio 18, ‘

proportionsles , he quoque’”
compofitz proportionales e- B
runt -

I I

T

St divifz magnitudinesfint IET
1 1

D

Theorema 19. Propce + &
fitio 19.

Si quemadmodum totum ad
totum,ita ablatum fe habuerit r
ad ablatum : & reliquum adre-

‘liquum, vt totum ad totum, fe

habebit.

Theorema z0. Propo-
fitio zo.

Si fint tres magnitudines, & aliziphis zquas
Jesnumero, quzbinz, & in eadem propor-
tione fumantur;
ex zquo sutem

prima quim ter- .
tia maior tuerl';f ££ i i i{ ; %1
¥

erit & quarta, g CCDE
quam fexta, ma-

ior. Quod fi primatertiz fuerit zqualis,
erit & quarta 2qualis fextz: {inillaminor,
quoque Minor crit.

Theos
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Theorema 21. Propofitio g7, -
Sifint tres magnitudines, & aliz ipfis 2quas

Yes numero,q zbinz , & ineadem propos
tione futmmur, .

fueritque pertur

bata earum pro-

portio: exzquo { }
sué prima, g3 B 1 £

tertia, msior fu- -CCDDDE

erit;erit & quarta,quam fexts,malor: quod
fiprimatertiz fuemquahs, erit& quarta -

@qualis fexte: finilla mipor, hzc quoque
nnnor etic ,

‘Theorema 13. Propo-
fnioas.
8ifirt quod-

eunque mag- o
nitudines , &
aliz ipfis 2 .

quales nume
ro,qua binz
in eadé pro- ‘tilii §
portione fu- GKMABC DEFHL -
mantur;&ex

.qﬁalnatc mbadem ;roponionc erunt.

Thcorema 3. Propofitio 23

31 finttres magn:tudines,aliz§ue ipfis 'quua
T B, es
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les numeto ,

quz binzin ea 1

dem proporti-

one fumantur;

fueritauté per L | 1
turbara earum

proporstio:Et- |
iam ex zquali- I f
KABCDEF L

r

tate in eadem L -

proportionee- < 1 KAB mK
runt, ,
Theorema 24. Ptopos
fitio24.

Siprimaadfecundam, candem | &
habueritproportionem, quam :
terua ad quartam ; habueritau-

tem & quintaad fecundam,ean- § B
dem proportionem , quamfex- | Txf
ta ad quartam : Edlam compolfi- ;
taprimacum quinta,ad fecun- A< B ¥
dam eandem habebit proportionem,quam
tertia cum fexta, ad quartams

Tlicorema s, Propo-
fitio2s. &
$i quatuor magnitudines X" -
proportionalesfuerint ; ma-G4- i

A

xima, &minimas reliquisdu- I
abusmaioreserunt, | R g &
Th

C0w
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Theorema 6. P'ropopoﬁt‘io 28. 4

Siprima ad fecundsm , maiorem habuerit
Kroponionem » Quim tertia ad quartam:

sbebit couertendo fecunda ad primam;
minorem proportionem, quim quartiad

Theotrems27. Propofitio 7.

$iptithaad fecundam , habuerit maiofem
roportiohem;quim teftiaad quartam:ha.
bit quog; viciilm prirna ad tertiafm, ma
forem proportionem , quim fecunda ad
quartam; . -

Theotema 12, Propofitio.ag.

$i prima ad fecuridam habuertt maioren
proportionem,qui tertiaad quartam:ha-
bebit quoque compolita prima cum fecuns
da,ad fecundani , maiorém proportiotem,
quim compofies teitia cl quatia; &d quat-
tain.

“Theotema 29. Propofitio 9.
8 tompofita pritha cum fecunds,adfecim-

tam,maiorem hisbuetit propertionem qui
Ea come
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compofits tertiacum quarta, ad quartam:
Mabebit quoq; dividando primaad fecun-
dam, maiorem proeportionem, quam ter-
tia,ad quartam.

Theorema 3o.‘i’ropoﬁt io 30,

$icompofita prima cum fecunds, ad fecun-
dam habuerit maiorem proportionem ,
quimcompofita tertia cum quarta,ad quar
ti:Habebit quoq; per conuerfionem pro=
portionis, prima cum fecunds, ad primams, .
_minorem proportionem, quam tertia cum
quarta, ad tertiam.

Theoremast. Propofitiosr.

Si fint tres magnitudines, &alizipfis2quas
les numero; fitdue maior proportio prima
priorum ad fecundam, quim prim= pofte-
riorum ad fecundam ; Item fecunde pri-
orem ad tertiam maior quim fecundz
‘pofteriotum ad tertiam : Erit quoque ex 2~
qualitare maior proportio prime priorum
ad tertiam , qudm prime pofteriorum ad
tertiam.
Theotema3z. Propofitio 2.
Sifiot tresmagnitudines, & aliz ipfis 2qus-
les numero; fitque maicr proportio prim#
priorumad {ecundag,qudm {¢cundg pofte-
' i riorum

- A
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. riorum ad tertiam;Item fecunde prioram
sdtertiam maior , quam primz pofteriosi
adfecundam: Eritquoque ex zqualitate,
maior proportio prime priorum adcerti-
am, quam primz pofteriorum ad tertiam,
Theorema3;. Propofitio 33.
Si fuerit maior proportiototiusad torum,
quim ablatiad ablatum: Erit & reliquiad
reliquum , maior proportio, quim totius
adtotum. : '
Theoremay4. Pr 1034 ‘
Sifint quotcunque magnitudines, & aliei-
pfiszquales numero; fitque maiot propor-
tio prime prioram ad primam pofterio-
rum,quim feciidg sd fecundam; & hzc ma-
ior,quim tertizad quartam, & fic deinceps:
Habebunt omnes priores fimul, adomnes
pofteriores imul, maiorem proportionem
quim omnes priores,reliGi primd, adom-
nes pofteriores, reli®d quoque prima; mi-
norem autem,quidm prima priorum ad pri.
. mam pofteriorum ; maiorem deniqueetis,
quidm vitima priorum ad vitimam pofteri-
orum.

FINIS ELEMENTI1 V.

BVCHI-

i
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SEXTVM,
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L

imilesf eGilinez funt,que & an-.
“Ygulos fingdMOs fiogulis 2quales habent;
—_arqueetiam latera, quecircumangylas
®quales,proportionalis,
2,

‘Reciptoczautem figurz funt, cimin vira-
quefigura, antecedentes, &confequentes
proportiotum termini fuerint.

t B

Secundum extremam , & medism propog-
tioner re&: linea feQa efle dicitur, cim ve
_gotaad maius fegmentum ,ita maiusad mis
pus (e habueric,

4.

. Altitudo cuiufque figurz eft linea perpeny
gicularisa verucead bafin dedu@a. P
' s-Ra
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o Proponio’proponioni
bus componi dicitur,
ciproportionum qu- ¢ .
titates inter fe multipli g { , I§
carz, aliqui effecerint [ I
proportionem. EDEB X¥Db
6.
Parallelogrammum fecundum aliquam li-
«nesm applicatum , deficeredicitur paralle-
logrammo, quandonon occupst totam li-
neam:Excedere vero, quando occupat ma-
iorem lineam,quim fites,fecundum quam
spplicatur:Iratamen, vt paralielogrammii
eficiens,sutexcadens, eandem habeat alti-
tudinem cum parallelogrammo applicato,
conftituatdue cum eo totum vnum paral- -
lelogrammum.

Theorema 1. Pro-

ﬁtio ) 0% -

- Triangula, & parallelo-g»

ma,quorum eadem

fuerit alcitudo, itafe ha.
bentinter {e, vebafes.

£
bl T
NGB C ll__l\— 1
. Theorema2,Propofitios,
St ad vnum trianguli latus parallela duta
fueritrea quzdam linea:
Hzc proportionali.er fecabic ipfius tri-

?
™
2

E 4 gy
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anguli laters, Etfitriane |

gu!i lateraproportiona-

lirer fe®a fuerin;rzad

{ Qiones adiurcta fue-

sitreQtilinea, erivadre-

liquum ipfius erianguli B
latusparallela.

Thearems 3. Propafitio 3.
Sitrisngali angulus bifariam fectusfie; fe-
cansautem angulum reé linea fecueric&
bafin: bafis fegmenta , candé
habebunt proportioné, qui
reliqua ipfius trisngulilate-
ra: Et(i bafis fegmenta ean-
demhibeantproportionem
quam reliqua ipfiustriangu
Yilaters;re@alinea,quad ver ’ "
ticeao fc &ionem producitur, bifariam fe,
cattrianguliipfius angulum.,

Theoremragq Propoﬁ«
- tio 4

gulorum proportionslia
funt latera,qu circum ¢«
qualesang:los, & homo- D
logafuat latera,quz ¢qua
libus angulis fubtendug- &
.

Aequiangulorum trian- r E
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Theoremag. Propofitio. ¢, 7
$i duotriangulo, latera -

o,
proporrionalia habeanr,
@quiangula erunt triangu
Ja, & zquales habebunt <E o

- eas angulos, fub quibus
homologa latera fubten.
duntyr.
Theorema 6. Propofitio 6.
Si duotriangula vnum acgulum vni angu«
lozqua'é, & circum zqualesangulos lire~
ra proportionalia habuerint:zquiangulae-

runttri- ‘

anguls, »

®qualef %

que ha-

bebunt N

angtlos,

fub qui- ¢ '

bushomologa laterafubtenduntur,
Theorems 7. Propofitio 9.

Siduo trianguh vaum angulum vniangye
B gpﬁ -

tesa proportionalia habent ; reliquorim
‘ E g \ Yere
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vero fimul vtrunque aut minorem, sutnon
minorem reGto: zquiangu'a erunt triangu-

Is,&aquales habebunt eos

angules, circum

quos proportionelia funt latera.

Theorema 8. Propofitio 8.

$iin triangulo re@angu-
Jo,ab angulo re&oin ba-
fin perpendicularis du-

%4

. fa fit; quzadperpendi- -
cularem trisnguls, tum
totitriangulo, tum ipls

,jater feAmilia fuoe. ° »

Problema 1. Pro» K
pofitio. 5. 3

A data re@a lineaimpe-
ratam partem auferre.

Problemaz.Propo
fitio 3.

N :é{
N

x
-}
(]
%

Dmuiné&m lineamin G
fe@im fimilicer fecare,
ytdata slecra retafe@a

L™

{
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Problemas, Pro-
pofitio. 11 -
Puabus datis re@is li-
peis,tertdam proportios
palem adinucnire.

Problema 4. Pro-
pofitionz.

“Fribus datis peXis linels
quartam proporsionalé
adinuenire

4

Problemas. Pro.

pofitio 13, %“r "’\’i‘

Duabus datis re&isline-
is, mediam proportions--
lemadinuenire. <
A - By
Theorema 9.Propo-
fido4.

Aequalium,, & voum vni 2qualem haben.
tinm angulum,paraliclogrammorum reci-
proca funt latera,qu circum zqualcs angu
lqs; Ecquetum parallelogrammotd vnum



96 EVCLID, ELEMEN. GEOM,

angulum vni sngulo 2~
qualem habentium reci- r—" —-—L
procs {unt laters , quz
circum zqualesangulos
“{llafuncequalis, !

ct—-Ig
Theorema 1. Propofitio 1y.
Aequalium, & voum angulum vni gqualem
habentium triangulorum reciproca funt
laters, quz circum 2qua.
les angulos: Et quorum —
triangulotum voum ;n-.
um. voi @q alem ha- |
g:]mium, teciproca funt a%’ ]
latera, que circi 2quales ¢ R
angulos,illafunt gquales, \

Theorema1 Propofitio 16.

‘ Si quatuor reéz linex propostionales fuse
3

D [~
- E : - x
25 | iy | 8
' ) G D
tint, quod {ub extremis comprzhenditur
se@angulum,¢quale eft ei,quod fub medijs

com- |
—
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Comprehenditur, reGangulo. Et fub extre-
mis comprehenfum re&angulum zquale
fueritei,quod fub medijs continetur, re@i-

ulo,illz quatuor re&z tineg proportionas
esetunt.

‘Theoremarz. Prapofitio 1.

Sitresre&zlinegfint proportionales;quod
fubextremis comprehéditur reGangulum

., SV L. I

4

T ———— -K
~l_~

®quale fitei,qrod i media defcribitur,qua-
drato: Etfi {ub extremis comprehéfum re-
&angulumzquale fitel; quod 3 medis de-
fcribitur, quadratesillg tres re&lg linex pros
portionaleserant. .
Theorema 6.Propofitio16.

Adaua re '
a’ "ne" E . F
datore&i

lineofimi | , :
e 2| | %
terq; po- pe—— Q

fitum re- > =

&ulineum defcribe Theov
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Theoremai3. Propofitio 19.
Similis A \
triangu ,%r' ";&\ mc%_
ha inter
fefunt
indu-
. plicata
propor g ¢ F
tione laterum homologatum.
Theorema 14. Propofitio 20.
S$imilia A

F
polygo :
na ih ﬁ G
milia \
tl‘ian - \

gu N ’
duatur,
A
R

NN

D7
la diui- ct
&numé |

10 ¢qus
1is,&ho
n‘)olo‘ga'
totis. Et

‘
g |
polygo —8

’ n:duplica
tam habé&e
eam inter .

fepropor- © x G ¢
tionemy o

quam lats { |
homolo- ¢€<——n B K

gomad homologum latus. Theos
yy 9
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“Theorema1f. Pro-

- pofitioas. Eﬁl if
Que ¢idem re&ilineo
funt fimilia , & interfe: .
funt fimilia. A

. Theorema ié. Propo-
fitioaz.

$i quattior re®tz linez proportionalesfue-
rint: & ab eisreQilinea fimilia fimiliterque
defcripta proportionaliaerurt. Et fidres
@is linels fimilia fimiliterque defcriptares
&ilines proportionalia fuerint; ipfx etiarst
teGz linezproportionales eruat.
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Theorema 7. Propofitio 23.
Acquiangula parallelo- A
grammainzer fepropor-
tionem habenteam ; quz

. ex lateribus componi- /
tur, ;
. . ) £y
Theorema:8.Pio= N
pofitio 24. m

Inomni parallelogram- §
mo, quz circadiamerrd
funr parallelogramma ,

%

- &toti, &inter fefunt fi- 55 r
milia,
Problema 7, Pros
pofitio 25
’ P ) ) [ )

AR A\
] "

Dsto rc&o lineo fimile ¢ (imiliterdue pofi-
tum ; &alceri dato 2quale idem conftim-

ere '
Theos
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Theoremaig.Pro- &
pofitio26,
Siaparallelogrammo pa
rallclogtammum abla-
xum fit, X fimiletoti, & e
fimiliter pofitum,com- -
munem cum eo habens angulum ; hoe cire
cum candem cum toto digmetrum confie.,

flic.

‘;fhe'orcma 20.Propofitio27.
Omnium parallelogrammorum fecidum

eandem re@am lineam applicatomm,deﬁ-

cienti- — G N
PR T p g g T

umd;f 1
gurispa 'N -«

rallelo -
grimis
{imili-

bus, fi- a & € L KH B
militerque pofitis,ei,quod A dimidia defcri
bitur;maximum,ideft, quod ad dimidiam
applicatur, parallelogrammum fimile exi-
ftens defe&ui.

Problema 8.Propofitio28.

Ad datam lineam re@am, ditqre&ilineo ._
#qualeparallelogrammum applicare, defi-
ciens figuraparaliclogramma, quz ﬁmil‘?
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ficalteri r.&:lineo dato. Oportet sutem dse
tum re&ilineym , cuizquale applicandum
eft,nonmaiusefleeo, quodad dimidiam
spplicatur,clim Gimiles fint defeGtus & eius,
quodi dimidia defcribitur, & eius,cui fimis
ledecfledebet.

Problems o. Propo-
fitio 29. '
Addatam re@am lineam, dato reQilines
®quale parallclogrammum spplicare, ex-
cedens figura parali¢logramma,que fimilis
fit parallelogrammo alteri dato,
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Peoblemaro, Pro-, . . T '
"pofitie jo. l £ ﬁ
i

Proppﬁtam re&amlm.-

sm terminatam, extrema |
ac mediaratione (propor !
tione:)fecare,

Theorema s Propofitio §1.

In reQangulistriangulis, ﬁgunqutukila-
tere reflum angulum

fubtendente defcripta, € ﬁ
mqualis eft figuris, que A
prioriilli fimiles, & fi,

militerpoflitz, 2 lateri- sf— 2

bus rectum angulumcb
tinentibus defcribﬁmr

¥

+

Theorema 22. Pr6pof tio 3z,

$1 duo trianguls, quz duo latera duobus lse
teribus proportionalia habunt, focundull
vnum shgulum ¢omiapbd 4 .

fiea fuerinr, itavthomo-
Jogaecrum latera fintet-
iam parallela; tumrelie
qua illorum triangulo-
rum latera in reGam li-
neam collocata reperien °
surs. :
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. Theorema Z’Z’Pfopéﬂtfiq ”w

In zqualibus circulis, anguli eandem ha-
bent rationem, cum ipfis peripherijs,inqui |
businfifkit, fiuedd centra, fiuead periphe-
riss <6 o

fticuti,
ﬂ]is in
fiftant
peri- °
‘phe-
rijs. In
fuper
vero &
fe&o-
tes,!
quippe
qui,ad n
centra confiftunt, .

R >
FINIS'ELEMENTI VL
EVCLI-




EYCLIDIS
ELEM EN TV_M'

"SEPTIM VM.

DEPINI';:O-NES."'
’ e TR,
.VNtus eft,fecundum quam vaum,quodsé

que eorum,quz funt,vnum dicitur.
T '
Numerus autcm, e vnlutlbus compof‘ 1)
mulutudo. S \
Pme(t numeru's nu;x)en, minormaioris,

cum mxnormenmr muorem. -

4
Pamcum.eﬁm non medmr ¢

Muhiplex verb,mnormmons,cﬁm ma! or
rem medtut mmor

t vy 4 . .
l'u‘ nm:m eﬂ,qulﬂlfai‘mm dmxdxtur. '

Impar_verd, qui bitiriam non diuiditur;
vc),qm vnitatc differc3pari.

8 "
Patiter parnumerus eft,quem parnumerus
m'ctltur per numerum parefm,' *

F; ) 9.Pari—
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Pasiteraptem impar eﬁ quem panmmcr'
methutimnumetum unpucm. :

Impariter verd i lmpat numerus oft, quem
impar sumerus metitur per numerum im-
parem.

1L

Primusnumemseﬁ: qumvnimfohme-
titur,

Primi inter fe numeri funt, quosfol:vni-
tas, menfura communis, metitur.,

1
Compofitus numcms; ot, quem numetm
quﬂbl‘m mmr-

14 .
Compofiti auté inter fe numeri funt, quos
numerusaliquis,menfura commnnis,meti.
tar.

I5.
Numcrus numerum muldplieln dicitur. |
cim toties compofitus fueritis, qui muldi- -
plicatur, quotfuntinipfo mnlu.plim »
nitates; & procreatus fuerit ahqum

16.
Cim sutem dyo numeri mutud ﬁzfe mul
tiplicantes quempiam faciunt , qui faltus
erit,planusappellabitue. Qui verd numest
mutud fefe multiplicarint, illiys latera div
oentyr, C&m
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17.
Cimverd tres numeri mutud fefe multi-
plicantes quempiam faciunt,qui procreatus -
erit,folidusappellabitur, quisutem nume- -
ri mutud fefe multiplicarine, illius laters
dicentur.

_ 18
Quadratus numerus eft,qui aqualiter gque-
Iis: vel, qui 3 duabusqualibus sumeriscé-

: 19.
Cubus verd, qui qualiter 2quali 2quali-
ser:vel, qui a tribus 2qualibus numeris con-
tinetur. ‘ '
20.
Numeriproportionales funt, cimprimus
fecundl, &rertius quarti, zqué multiplex
sft;vel cadem pars, vel ezdem partes.
2t

Similes plani, & folidi ;;umeri funt,quipro
portienalishabent latera. ‘
22 ‘
Perfe@usnumeruseft, quifuisipfias pard-
buseftzqualis. ‘ '
23

Numerus numeram metiri dicitur per il-
lum numerum , quem multiplicans, veld
quo muitiplicatns,illum producit.

F s Pro-.



g3 'EVCLID. ELEMEN. GEOM.

24. .

Proportio m;meroru?n eft habitudo que- -
dam vnus numeri & alteram , fecundum
quodilliuseft multiplex,vel pars,partefue.
) N 25.

.Termini, fiue radices proportionis dicun-
turduo numero, quibusin eadem propor-
tione minores fuminequeunt.

. 26 e
Clm tres numeri proportionales fuerint;
Prirousadtertium, duplicatsm proportio=
nem baberadicitur eius, quam habetad fe-
cundum. At cim quatuor numeripropor-
tionales fuerint;primus ad quartum, tripli-
catam proportionem habere dicitur eius,
quam habetad fecundum. - Et fuper dein-

. €eps vno amplius,quamdiu proportio exti-
terit. ) '

27. o
Quotlibet numerus Zrdinepoﬁtis, propot
tio, primiad vltimum componi dicitur ex
proportionibus primiad fecundum, & (e
cundiad tertium, & tertij ad quartum, & ita
deinceps, donéc extiterit proportio.

Poftulata,fiucpetitiones,

. I :
Poftuletur,cuilibet numero,quotlibet pof-
fefumizquales, vel multiplices. '
Quolibetnumero, fumi poffe maiorem.

Axio-
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Anomata.(' lue pronunciata.
L Lo
Qutnuméﬁ 2qualivm nemerorum, vel e’
iu{dem, 2que multlphces futir, isiter'fe funt '
lquales. v
g -
Quoriim'‘ilem numerus zqué multiplex’
eft,vel zque muluplxces funt zquals,mur
fezquﬂes funt.

Qui nurdert zqualiursn numerorum, vele:
iufdem,eadam pars, partés fuerint, inter ¢
equales funt, . .
Quorum idem’ tmtn:nxs ;vel zqualet, eadé
pars,vel ezdem partes fuerint ; Zzqualesin-
terfe (un:.

’ Yoo o !
Vaitasomnem numerum per vnidtcs,quz
in ipfofunthoc eﬁ,per xpfummet numerd,
meutur.

6. Con
~ Omnisoumerus fcipfum tnctitur per an.
tatem. .

7 - . 4
$i nuirerus mimerum mulnp!iéans , alis
quem produxerit, metictur multiplicans
produ&um per multiplicatum;multiplicas
tus autemn skndem per muttiplicihtem.

Fs si
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: 8

$inumerus numerum metiatur, vtille, per
quem metitur, eundem metietur per eas,
quz inmetiente funt, vnitates, hoceft, per
iplum numerum metientem, -

. 3. ‘
§} pumerus numerum metiens, multiplicet.
eum,per quem metitur ; vel ab eo multipli-
catur, illum, quem metitur,producat.
10. .
Numetus quotcunque numeros metiens, -
gompofitum quoque ex ipfis metitur,
.
Numeris quemcung; sumerum metiens,
meticur quoque omnecm puMerum, quem
ille metigur.
, 12, .
Numerus metiens totam, & ablatum, meti-
tur & reliquuam. ‘
. ‘Theoremar. Propo-
fido 1.
$i Duobus numeris inzqualibus propofi-
tis,detrahatur femperminorde A
maiore,alternaquadamdetrsa- H
&ione; nequereliquusvnquam : C
mctistur precedeatem,quoad  F ¢
pllumptaficvnitas: quiprinci- : G

Pid propofitifunt numeri, pri : 3
miinter fecrunt, BDs
. o Pro-

A




Duobnsnumerisdatisnon .: =

primisintet fe, maximam ¢ : : :,
" eorum communemmenfu B D B D

. LIBER VIL N
' Problemas,Pro-- A ¢ C
pofitio z. . E

!

sam reperire. B BN
Problems2.Propo- ABCDE
Tribus numerisdae ¢ - 23 :

tisnon primisinter A BCDEF
fe,maximam ecorum 1838 61 3
communem menfuram reperire.

Theorema2.Pro- , C
P°ﬁd°4o A p’
Omnisnumeruscuinfl; C C
‘numeri, minor maioris, E
sut pars eftsutpartes. s
- RN
ABBBD
. 27693
Theorema3.Psopoe C
- fitlo . : g
$i numerus aumeri parsfue-. 2
ric,&alter alteriuseadé pars; G H
& fimul vierque viriufque :: 3 .
fimul eadem pars erit, quz : : : :
vpuscft vaius, ABD C
_ ‘ ¢l 8

v e Tm
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Theorema 4 Pro- i >
pofiting, - B -
Sloumerus it numeripar { ~ 3y

tes,&alceraleriusezdem H

. 1.
partes; & fimul vterquev- * &ED B
9 1%

triufque fimul ezdem par c

tes erunt, qua funt vous v-

llins. ’ . :

Theoremas. Propofi-
do7.

Si numerus numeri eadem fit B
Yars quz derraGusdetradti; &re- E,

iquus reliqui eadem pars erit, §

quaztotuseft totius, A
)

Théorema 6.Pro- = B,
poﬁuos. ' ®

Sinumerus numeri ezdemﬁnt‘no '
partes, quaz detr:Gus detracti;
&reliquus reliqui ezdem par- ;
¢ enmt, qua funttotus totiuse A
GMK.NH.
Theorema7 Propo(mo 9
St numer:s numeri pars | c
fir, &alteralteriuseadem *
pars: & vicissim, quepars g
eft, vel partes primuster. P 5
tij eademparscritvelez A g
dem partes, & fecundusq g
quarti, .

-
It
°

-
-4
i

——

\

o ROy o : 0---- T U:“ D«u o "..”.‘. ﬂ.... b
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fe habebit, yttotusad totum.

. Thegrema1o. Propofitio 12.
Sifint quotcunquenumeri : : -3 :
proportionales; quemad- ABCD
modum fehabetvousante-9 6 3 2
cedentium ad vnum confequenciom , ftafe
habebunt omnes antecedentes sd omnes
confequentes, . . )

Theoremar. Propofitio s3.
Siquatuor pumeri fint  : : 3
proportionales;&vici- A BCD
fim proportiqnaleserit. 13 4 9 3

Theorenia12.Propofitio 14.
Sifintquotcunque ¢ 3 : : ¢
numeri, &alijillis A B C DE
gqualesmultitudi- 12 6 3 3 4

. ; 2
" "Theorema 8. Propolitio 10
Sinumerisnumeripar- - @ i
tes fint, & alter aleerius R ¥
esdem parteg  gtiamvie B © :
cifsim, que'funt partes,@, 2 If i
sutparsprimustertije¢.: : i =
dé;fmegemnt, velpasd, € D F
& fecundus quarti. 6 w» 1%
) - ) D
Theosemag.Propor , -~ B 3
o fido . R 13
St quemadmodum fe habet totus ' 2
ad totum,ita detra@usad detra- , C
&um: &reliquis ad reliquumita s s

sn'n“
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ne,qui bihi fumantur, &in eadem propore

tione, etiam ex 2qualitatein eademn ptopoy
- tioneerunt,

Theorema13. Propofitio 14,
Sivnitas numerum qué- o
pism metiatur,alter verd e i
pumerusalium quendam . v
numetum 2qué metia« H X
tar; & vicifsim vnitaster- G 3
tiom numerum ¢qudmes - o : &
tietur,atq;fecﬁdusquar-: s D6
tum. Vo
: -Theorema14.Propo- ‘

a L5 {1016, ‘
Siduo numeriwu- -~ . ¢ ¢ 3 ¢

tud fefeandtiplicsis - E A B C D
tes faciantaliques; 1 2 4 8 8
qui et illisgeniii fuerine, inter fe zquales
erunt.

Thesrema15. Propofitio 1]7.
$inumerus duos numeros multiplicans fae
chataliquos;quiexil- ¢ s : 2 2 ¢
lisprocreadetimt,e- IABCDE
andé propordonem 1 3 4 f121¢
inter fe habebiint,quam multiplicati,

- Theoremaié,Propofitio 13,
Siduonumerisumerum ¢ :: ¢ :
quempiam multiplican- 4 BCDE
tes,faclantaliquos;geniti 4 531219
ex illis eandem habebunt proportionem
«guam qui illum multiplicarunt,  Theoe

- .
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Theorema 19. Propo- o
fitiorg.

* $lquatuor numeri fint pportionales; quod
" ex primo, & quarto fir,numerus, zqualise. .
rivei, qui exfecundo & tertio, fir, numero:
Etfi, qui ex primo & quarto it sumerus,
zqualisfitel, qui ex fecundo & terno ﬁt,

sumero;illi quatuor = ¢
pumeriproportdons- A B CDEFG
leserunt. - €4 33121018

* Theotema1s. Propofitio.so.
Sktres nomert fint proportionales; qui sb
extremis continetur, #qualiseft ¢i, quid
medio efficituriEtfi,quisbex- : ¢ 2,
wremiscontinetur, zqualisfitc ABC
ei,thmediodefcnbxmr, il- 964
‘litresnumeri proportionales 3 :

erunt, D
- 1
Theorcm 19. Propo-
fitio a.
" Minim! numeri emniom

qui eandem cum «ispre- o
portionem habent, 2qus- . . I
ht:ze metiuotur numeros G H
eandem cum eis propor- .
tionem habemesp ml:ior C E
quidem maiotem, minor 3
‘werd minorem, ( Tfico=

w)u
QAP
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Theorema 2o. Propopof tio 22,

Sitresfintnumeri, & alijmultitudineillis
- 2quales, qui binifumantur &in cadem ra-
" tione; fitautem perturbata eorum propor-
tiojetiamex & R

qualitateinea- A B cD B F

‘dem proporti- € 4 312 8 6

“oneerunt.

Theorema 21, Propofitio 23.
Primiinter {¢numeri, minimi fup: omnlﬁ
candemcumeispro- @, :
poruonem ‘habentium. A B E C D

é 5. 6 2.4 3.
" Theorema 3 :.z. Propoﬁuoa.q.
M(mmmumgu omni- : O
* umesndem cumeispro A BCDE
pomonem habegtium, 7 6 ¢ 3 3
primi funtinterfe.
Theoremaz23. Propo{' itio. 24,
Siduo numeri fint primiinter fe qui ialter
utrum eofymmetitur,, 2 ¢;
numerus, isad reliqui ABCD
ptimus erit. 6734
Theoremaz 4. Ptopoﬁuo,us. -
Siduonumeri ad qué . ,
piam numerum prunl 3
\hnt,adeundem primus B
isquoque futyrus eft,
qui ab illis produ&us C
_ fuerit .. 35

| ; f
e w "_H....h
E N e
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Theoremaag, Prope- |
' "~ fido 27 B 3
Siduonumeri primi fintim- : |
terfe, quisb vnoecorumgig-A < D
nitur, adreliquumprimuse-> 6 3
rit. -

Theorema 26.Propofitio 28,
Siduonumeri ad duos numeros smbo ad
vtrunqueprimifingg ¢ : 1 3¢ ¢
&quiex eis gignen- A BECDF
tur, primiinterfee- 3 fi5 2438
runt. \

Theorema 27. Propofitio 29.
Siduonumeri primifintinter fe, & multl-
plicansvterque feipfum procreetaliquem;
qui ex ijs produ&ti fuerint, primiinter fe e~

~ runt, Quod fi numeri initid propefiti mul.
tiplicantes eos,qui produi funt,effecerine
aliquos; hi quoqueinter fe primi erunt; &

circaextremosidem s :: :: ¢
hocfempereueniet,. A CEBDEF
3 62741663

Theorema28. Propofitio ;0.
81 duo nuaegi primi fint inter fe, etam fi-
mul vterque ad vtrunque illorum primus
erit.Etfimul vterqeead vnumaaliquem eos

rum primus fit,etiand quiini- C
tiopofitifunt numeri, primi - ¢ 2 :
interfeerunt. ABD

g At

niiags .
dwtsi e

kit

Loy
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Theoremaag. Propofitio 31
Omnisprimusnumerusadom- ¢ 3 ¢
nem numerum, quet non me- AB C
. ticur, primus efts y 10§
Theorems 30. Propofitioja.
$i duo numeri fefe mutud mulciplicantes |
faciantaliquem; huncantemex 1pﬁs produ |
- &um ractiatur primus  : ’

quidam numerus:isal- A B c D E
terur etiam eorum, 3 6123 4
qui initid pofiti erant, metietur.
Theorema 31 Propofitio 33.

Omnem compofitum nume- : : =
rum aliquis primus metiewt. B C
Theorema 32. Propoﬁtlo 34.. ’ {
Owmnis numerusaut primuseft, 2
auteum aliquis primus mentur. A A |
é
) Problemas. Propo- 33
fitioss.

Numeris datisquotcunqne, reperire minie |

mos omnium, qui eandem illis pro-
portionem habeant. U

$ 0 s s ot ¢t g 3

ABCDEFGHKI M

68“3346:3*3\
Pro-




Lo t.m.n.m, L
Problema 4. Pro. i B
pomo*;a 4 € b E F
7 B 8 a g
'Zz‘v.)

buobus nomeris
daps.ro%)enrc,qué

3

K T 8 s
tiadtur,nimerum ¥ E C D &

9 Rt e =

i1 minimum me. ' 4
X

T '-(.’ 5

Tluomna 3 Propoﬁdo 37‘

Siduopumeri numerum . . i
quenpiam metianturs & . f
"minimus,quém iilimetie s F
untur,cundem metietufs : 3 ¢ §
AB E ¢

‘ 2 3 & 1
Problems s.Pro» 3 1 1 i 4

! politiozi..” A B.C DR

Tribusnumerisde- 3 4./6 n 8§

. . z :

tis, reperire qiem S
minimoumetum A B CD EFP
illi metiantur. '§ 6 8§ 1:.:.4 14
Theorema j4. Propofitio 39
$inumerum quifptam numerus metiatury
menfus partem habe- T A
bit metieati cogno- ABCD

finem. , o4 3 L
“’ Theoo
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Theorema | 3. Prppos -

ﬁuou.

Sinnmerus partem habuerkqll‘libd.ib
lum metictur numerus st |
pm\cognommn. o AtCQf v

_ 84a1
}]_ T,k , Y]
4 " Problemaé, Ptopo-

ﬁdo. 4l

Numerum reperu'c, R ENEE
quiminimuscik ©~ ABCGH
fir,datas habeat pir- & 341210
tes. . v L . . " .\‘,,.‘

 OFINIS iLEM!NTI VIL ‘,

{BVCLL
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OCTAVVM,.
‘DBFINIT%ONE&1

Theoremu Pmpoﬁﬁo: N

A A P 111

1 Gntquotcmq_ue numeri deinceps pro
»ortionales, quorum extremi fint lnm

fe, primi; EEE RN BN
fi minimi ABCDEFGH
untomniii 8. 1218 276, Q- n 18
#apdem cum elspropostionem |

Problema . Propefitioss, . x5
Numeros reperire deinceps proponlm-
les minimos, quotcunqueiufierit qupiam
lnduapropordone.

AB CDETG}I K‘ o
3 4 9 1:16’:7;64964

Theorema z'Propoﬁuo;.
Conuerfaprimz,

Si fint quotcunque numeri deinceps pro-
pomonale:mmm: habentium esndem cd
G g3 ¥ s
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eigpropordionem; illorum extremi furR W
ser fe [mmi- . -

AEEDERGR KRS niu’u’)
704864 3 4 9 1316 37 36 48 54

-t Problems 2 Propofitio 4. -
Pfopordonibus datis quotcunquein mini—
mis numetis , reperire nomeros deinceps

W P

' llimnos in datis proportienibus.
s+ 3223, 3T
s::mzs:sisﬂ
scDEFHGKL NXMo
42> 4a5681215436iox
Theorema3. Propofitios.
Planinu mcrlptopomonemmfchabm
cthlhuconpoﬁum.
I : 3 §'
?l §§ H i b4 s § 3-!
;\ L B c D E F -G }:I i(
B33 6 48 9 nié
Theorems 4.Propofitia 6.
sifine  : § § ;L
quoth- § § § HEE W
betenue A B C D E F GH
gporide-€ 24 36 54 B2 4 6 0
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Inteps;propertionales; primus autem fecii-
dum non metlatur ; neq;alius quifpiam vic
lum metietur, . o

Theetemas. Pro- +
pofitioy. :

e v 0 ¢

-
H

BCD .
61214,

8ifint quotcunque nume- :
ri deinceps proportiona- A
les ; primus autem extre- 4
mum metistur;'s etiam fe-

cundum metietur. ,

Theorema é.Propofitio 8.

Siinter duos numeres medij continua pro-
portione indicant numeri; quot inter cos
medi) continua proportione incidunt nu-
‘merl, totidem & inter alios esndem comiil-
lis habentes pr i medij continua
proportione '

PBGH
I3

D
2y 81

Theorems 7. Propofitio g.

$i duo numeri funt inter feprimi, &inter
¢os medij continua proportlowe incidant
numeri, quot inter eos medijcontinua pro-
pordoneinciduntnumeri, totidem & inter
vtrunque corum, ac vnitatem deinceps me
dij continusproportoneincident.”

~ G 4 Theo-

b *ve

F
14

% e
) noono
\. N Il ]
:'. !ﬂ-oou
[ ] 0 u.\.
Q‘ g“".
: z Y. YY)
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AMHEFNCKXGDL ON
87487 Q 6 1 16 1 12 43 4 481‘6464
Theorema$. Propofitio 10.
Stinter duos numeros, & vnitatem, contl-
nué proportionales incidant numeri ; quot
, - inter virunqueipforum , & vnitatem, deine

continus p- A : H '
portionein. 24 I K § I ]
. ciduntnu- E 36 H g !'=B
merijtoddd © 9 5 I & G &
& interillos s € 0% T
medij conti- . 4
nua proportioneincident,
Theorema 9, Propofitiot.

Duorum quadratorum numerorum vpus
medius proportionaliseft numerus:& qua-

dratusad quadrs- t s
tum duplicatsm IR
habet laterisad la ACEDB
fus proportionem. 9312416

“Theoremaro.Propo-
fitio 12,

Duorum cuborum numerorum duo medij
proportionales funt numerorum; Etcubus
ad
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sdcubum triplicatam habet laterisad Jatus
propordonem, o

2

{1 ,
14

A H
ay. 3

) Xiereer

\.~ o"ul .
'; Unll
O s

*“ N'.‘nlll
g\ --

L]

Thebremu.l’roﬁ;ﬁdo B

Si fint quotlibet numeri deinceps propors
tionales,& multiplicans quifque feipfum fa
clataliquos; qui ab illis produ@i fuerine, -

proportionales erunt. Et,fi numeri primit
* pofitiyex fuoid procreatos duu, facianta-
quos; ipfi quoque proportionales erunt,

. 2 a S = =

: P T O I I

ADLEXFGMNHOP &
4 8 1633 €4 8 o 31 G41282163D

Theorems 12. Propo-
fitio1, |

Si quadratus numeris quadratum numerd
metiatur , & latus voius %ctiemt latusalee-
- f
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rius.Et fi vnius N I

quadrati latus me- ARBCD

clatur lacusalteriug, o 1216 8 4

& quadratus quadratum metietur.
Theorema13. Propofitio 1.

$i cubus numerus cubum numerus metise

tur,& latus vnius metietur alterius latus. Et

filatus vnius cubi latus alrerius metiatur,

tum cubus cubum metietur.

‘2 H s 2 s ¢ = :

- S S S R S R T
A H X B CD E F @G

8 3 28 64 2 4 4 8 6

' Theorema 14. Propofitio14,

$i quadratus numerus quadratum numerd
. monmetiatur, neque latus vnius metietuy
alterius latus, Ecfi Jatus -

vaius quadrati non me~

tistur latus aleerius, ne- ¢

que quadratus quadras :

tum metietur, - A B

-9 16

‘ Theorems 15.Propofitio 17.
Sicubusnumerus cubum numerum n6 me
" tiatur; neque lagus vaius ! ’
latus slterius metietur,

[ N X1

D
4

A

Etfi latus cubi vnius la- ;o
tus alterius non metia- i § § i
tur,nequecubus cubum A B C D
_('Qctiem; 8 47 06 n

Theo-
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Theorema 16. Propcfitio 1 8.
Duorum fimilium planorum numerorum
w¥nus medius . s . .

roportiona- : @ 'y i
isetopme- A 'S B ¢ D E F
rus;&plani:s b 11 18 27 » 6 s o
ad plapum duplicatam habetlaterishomo-
Yogiad latus homologum propertionem,

Theorema1y.Propofitios.

Duorum fimilium numerorum folidorum
duo medijproportionsles funtnumeri:Es
felidusad imilemfolidum triplicatam,ha
bet lateris homologi ad latushomologum
proportionem,

§§§§ . o :E'
R S A R
ANYXBCDEFGHKMNL
81318 37 2 2233 3 46 ¢
Theoremai8.Propo-
fitio zo. N

8iinter duos pumeros vnus mediuspropor
gionalisiacidat . . - N

mumerus;imiles ¢ “: § ¢ f i
planieruntili A ¢ B b £ ¥ @
3% 3 46 8’

pumesi, 8 g

v
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Theorema 19. PropofitiozL
Siinter duos numeros duo medi) propote.
tionalesincidStnumeri; fimiles folidi funy’
illinumeri. ‘ S

S N A R
R S HER T
ACDBEFGHEKLR ;
2373644649 1216 § 1 3 4

Theoremazo. Ptopoﬁﬁo 32.
Sitresnumeri deincepsfintpro- : 2 3 .
portionales ; primus antem fit : ;. ¢
quadratus, &tertius quadratus A B D:

eric, oy =5
Theorema 21, Propolfitio 24, L
Siqﬁatimrnumeﬁdeinccps R
fintproportionales;primus ~ : 3 8 :
sutem 6 cubus, & quartus ABCD
cubuserit. : 8121843

Theorema 22, Propofitio 24.
Si dup numeri ¢ proportioné habedtinter
fe,quam quadratus numerus ad quadratum
numerum,pri. 3 : ;¢ 3 :
. mus sutem Oic A BC D
quadratus,&fe: 4 9 9163436
euadus quadratus eric.

Theorema 23, Propofitio 2.
Sinumeri duo proportionem inter fe ha-
- beant,
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: mnumerusidhmmm'
nim?: ushutem cubusrﬁt N {ecidus
mbuscnt. cx: o

-

Bov .. ,
- = ! H 2 ;
' $ LI S s: i
A £ F B ¢ >
€ 12 18 2. 64 9 xyo u¢
Theorema 24- Propofitio 26.

‘Simlles plani numeri proporuontmimu' :
fehabent,quamquadrs- ; : 3 ¢

tus pumernsadquadra- ; & §
fum numerum, 18 g3z 9

& Moees
a L FTYTY

‘Theorema 25, Propofitio 27,

_ Similes folidi numeri proportionem bab&
interfe,quam cubus numerus ad cubumnu
merum.

§ - : H R
H s H 2 3 H .
A C D B E F G N
26 24 206 $4 8§ 12 18 o7

1
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ELEMENTVM |
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-

Theoremia 1. Propo-
fitio 1.

$iduo fimilesplani numeri mutud fefe mud
-tiplicantes, . H : S
quendam ;| S T N
procreent, A E B 1) &

produtus 6 9 16 34 3
quadratus + 4 3¢

erir.
Theotemaz. Propo-
fitio 2.

* &1 duo numeri mutud fefe mnltiplim |
quadratumh— T [
ciant, illifimis A B D C
ksfantphni. 4 6 g 18 3¢

Theoremas. Prope-
: fiioz.

St cubus numerus feipfum mulciplicis pro-



"LIBER  IX
reet ali- .
em,pro 4
3‘\‘1&\: e al D b A ‘
buseri. * 3 4 8 16 3
Theorema 4. Propoﬁuoq. it
Sicubusnumeruscubd ¢ s g )
numerum multiplicsns : .
quendam procreet,pro- A B D c
creatuscubuserit.. . 8 27 64 16
Theomnag Propoﬁno.;. .
- Si eubus bumerus numerum quendan muf '
tiplicanscubumpro-  : =
creet, & multiplica-" A B CcD

" s
S‘

g 3

‘tus cubus erit. 2764 719 2718
) Theorema . Propofitio 6.
Sinumerusfeipfum . .o
multiplicans cubum I
rocreet ; & ipfecu- ABC
us erit. 27 729 1968
Theorema 7.Propoﬁt7w779 76

Sicompofitus numerus quédam pumerum

muldplicans,quem-  : 3

piam procreet,pro- A B C D E

- duBusoliduserit. 6 8 48 1 3
Theorema 8. Propofitio 8. '

Siab vnitate quotlibet numeri deincops pe

portionales fint: Tertiusab vnitate quadra-

tus eft, & voum intermittentes omnes; Quar

tusatit cubus eft, & duobus intermifsis o m-
nesr



g1z  EVCLID. ELEMEN. GEOM.
pes: Septimus verd cubus fimul & #quadrs
tuseft, & o . § ; i
“l“'"que\hn ABCDE

intermi® fa9. .
ﬁsomnes _ 39 27 8 ‘45 by

Theorem 9. Propoﬁtio 9

Siabvnitatefint  §31441 © 732069
‘quotcunquenu- Lo 7 E 134410
‘meri deinceps- D ; —
proportionales § 6161 é561 .
ficautem quadra 2 723 C 6161
tusis, qui vnita. 3. B

© tem fequitur, & —_—T :E

reliqui oésqua-g, 9 A &
dratierdit. Qj_éd f o

fi, qui vnitatem voitas,
fequitur, cubus
fit; & reliquiom
nes cubierunt. -

Theorema10.Propofitio 10,

Si ab vnitate numeri quotcunque proporti- 1
onales fint; non fitautem quadratus is yqui
vnitatem 0 I
_fequitur, Vmi- ¢ 3 : s :
nequesliust#s. A B C DE F
vilusquadra- 3 9 36 8i243729




T LABERY IX, n
ahuﬁ'dmm.nrmébmmucomni-
‘bus vnum intermittentibus Quodd fi,qui v
nitaten fequitur,cubusnon fic: :neque slius
vilus cubus eritidemptis,quarto ab vnitate,
ac ommbus duosjpter m&tennbus.

: Theorém 1. Prqpoﬁuo ",

St ab 'vnitate fumeri quotlibet deincepy
propoftionales fi fi m* minor maiorem med-

tur per.quempiam AN

corum; quiinpro- © A BCD E

pomothllbu! fune i ¢/ o+ ﬂ 4 '8 l‘

numetds;: - LG T

" Theorema . Propoﬂtlcﬁf“

. PERSSEEIE) ¢
Siab (rmtafe quorhbct nwﬁu propers
tionales; quot primotum numerorum vi-
timum metiuntur,totidem & eum,qui yais

tati proximus eit, metientur, RN
- ] l 1

1 ¥
‘ ‘ 9 " ,

Theorema t 3.Propoﬁno 13

Sish, yrnt;tef int quorcunque numcridelt

ceps froportionales ; primus sutem fir, qui

vammn fgqtmur maxnmnmnnilusanus _
_ H metic=
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‘medert i emoepie, qulin proporsioaati
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A B . & X
P
3. <Theoremaig. Propoﬁcim‘,
Si minimum numerum primi alupotnl-
meri metigntur; . - ., ‘

nullus slius nume- ;

ywprimus ilum ;. _:‘:§m* ¥

metieturjijtexceps .y 5 ¢ :

s’ quiprimd me- 02 13 GD: ,!’. ¥
- Theoremals. Fropoﬁuo Af.

~ Sirresnumer oy .
deinceps pro- S i .
portionales fire I B
ofinimi omok ¥ 7 S A
um, eandem Ce 9
cum ipfis proe {6 .

rtionem ha- ;. i v i i E

entivm, duo i iy
quilibetcom- - ¢ £ S ¢
pofiti, ad terti- A CBACRD
wn prumi et %89

)
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'

RO




¢ ,CLIBER DL - - g

' rema 16. Propofitio 36.
81 doorumeri fint inter fe :
primi;nonfehabebisquems ;&
admodumprimus ad fecun- ¢ .3

dum, itafecundusad quame . A B G |
piam alium. §8

' Theoremaiy. Propofition.

8t fint querlibét numerl
deinctps propartionales 3
quorum extreqi fint in- I

ter fe primisnon eritqué- } P
admodumprimus adfe- : § { i I
cundum ;- ia¥idmusadA B € D ®
Quempism alium. 8 ur 7y

— Problema1. Propofitio18.

Duobus numeris datis, corffiderare an poft

fat spfis tertius inueniri progottienalis,

’
250%400p

Y

2 .-

. ] b
ol B
A B..-A BDCAAB
4 3 4 & ¢ v 6 4
R T I Theoa

S -
a Ou LTIy
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Problema 12, Propofitiorg. -

Trlbus numer!tdatis ,confrderare,an pofﬁl
ipfis quartus reperiri proportionalis,

.
N .

<

. 1 . §"§' .
i S § ' .
8 C & A 3 & DX
o nn 16, 4 7 8 ° '
{

Theorems :&Pmpoﬁtiii 30_-‘-. .

Primi numeri - . N
plures funt, gua
cunque propo-

fita wulcicudi. | <+ ‘
ne primorum = l
E

U:‘.

pumerorum., . :
A B
k]

Theotema 19, Propofitio 21

Siparesnumeri quot- E
liber compofiti fint, S
sotus eft par, A BCD
4 6 8 10
Theo-
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Theorema 2a. Prapo- .
fitio 22. .
Stimpares n}xm‘gth(got- ' . E
libetcompofiifing it} .
autem par‘:llorum mo-A B C'D
titudo; torusparerit. 7 7 \
Thearems 21. Pry
. ﬁnou
Stimpares numeri quot "a ¢
qmqge compofid fine; ¥ : § |
fitsutednimprrillorum A B C £
muldtudo;& totusim-§ > 8 f
erit, ' - - p 8
Theoremaa2.Pro
- fitiozg. P v
S ipﬁrinummpardetn- AC
Qusti-&reliquuspareric, . 6 4
Theoremaa3. Propa-
fitloaf.
S$i2 pari numero impar de ? L
traQus it & reliquus impar ¢ b
eric. A
Theorems zq..Propo- '
fitio 28.
Sisb lmpari numero impar 8
detraQusfit ,&uhqm.slnr R R
erit.. . A C WD
. . & £
H3 - Theo-

P N
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Theoremazg, Propo- B
fitio27. . 3 i
Siabimpartnumeroparshle- A D" C
tus ft ; reliquis lmpuerit. 1 4 4

' Theoreno“.?ropp- g
fitio28, T 8.
Siimparnumcmspareq _A BC
multiplicans , procreet =~ 3 4
giuempiam-pro;rmm pare-

Theorema 17. Propb ,
' fitiozg, _
sii xmpat,numems imparem 3 :
_pumerum multiphcans,quén A BC
dam pmcreet,procuatusuu- EEE 2
par erit. y
‘Theoremazs. Propo—
ﬁtloio.
Siimpar numeruspsrem oy
merum metiatur; & illius
metietur.

[

% w secsn 2408

s

'3
[
-]

re W >i\oA

Theorema z9. Bropp-
firio 3. : l
Si impar numerus adoy= . l
merum quempiam pri-  :
= mus fit: & illiug duplum A
anusem,
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Theotema 30, Propo--
fitio 3a. SRR BN B
Numerorum,quid » : 0
binario dupli funr, Vi~ $ s & 03
voulquifgue pariterses. A B € D»
‘puﬁutum. SR B} 8 o
[ L T E r? P 2 'f

uul'hwq-u ;t.Prqpo- S gd

B 1 J S INE PR AT DRSRAT T 1)
< numernsditnidmm habestimpa- A
rem: pmter imper eft tantdm. 20

. Theotemasa, Propo-
L., fitio 3*.
st p:rpumerus neque 3binsriodu- 4
plus ﬁtmetpe dimidium habeatim-
' pu'em pmm par eft,& pariur lmplr

Théorm ;; Probo-

“ﬂoﬂ.\

SIWHGM:C

in F ales;de- -
muror.t;tcmhfecundo

& vld'ﬁbbqu‘l&lﬁﬂptf! ¢t -f!'-!
mo: Erit quemadmodum © 4
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' Sthhiuteaummqnoxhbet dejnaepsn- |
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ELEMENTVM
DECIMVM;
. DEFINITIONES.

8 Pauuua, WEMPE m.«cm'rval':
’ dum[jumrm

ﬂum@mes di@
c::twr)ilh._ sadem mnﬁmmctr‘
W oy'eac v biprd
:’

Jacommeafupsbiles verd ma ud!‘m"li-
cﬂnw.ﬂmmmnullam amcomﬂm
nem contmgtt I'QCHS l, .

- Linex rallx: potenm qomm;pﬁmhl,
Innt, quarum quadrata vaq gadem {uperty

ciu,ﬁue aru memur.

. . L rh

. lncompcai‘q,;.buq vrré linez funt, 4y -
. rum quadnu » QU /netisfus.area copmy-
ms,reperu'l nulls poteﬂ:

Hacchp ug ﬁnt,oﬁenql po;eﬁ, qubd qu§-
. tacunque linea reGta nobispggponantur, <x.

» iftunt, enm{bc linea i mwwabtk‘ c:l:
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commenfifralilles; alizltein incSmmenff
nablles;h;qmjem longituding & tenug
ille verd potentiatantim, | qeeturigitur

linea re@a JQudntacung; pmpmmm,
© ddeft,rationalis. .

Lisiee quoque #lli M commnﬁ?ubila
fiueiongimdine & pontentis,fiuspotéheia
tantlm,vocentur &ipﬁfw&ld eft, ratio-

nales. ,

“Rque verdy feiie funt 'u.eam :
Hli 1§ jars, i eft,primo loto Fathomal
centur Heyes,id eft,irrationales. -1

. 3

‘Et quadfatiin, quod 3 lieh profiofitedés
Yeribitary qum; r{v vocati volumus, vo-
ceturrnr)v id ratiomle. oo

'.qnzruai‘lfu?ecommmmm
tur ‘purd, ﬁc&,ntlona!io: A

RN 3 ¥V

" Que verd funt illi qmduto, ™ feilicet
: %menrmu vocentﬁf:;ﬂu.ldc&'
fitds, five lfntionalh,

iﬂ illa mcommenfurabﬂu de
bumf ¢eentur droyer, Et quidam flills
- incommenflidibilia fuerint quadrata, ipfa

Seorom um\v&m dnopor litiee, quad
e . fiqus

Y
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fi quadrsta quidem non fuetint,verum ali
guepiam fuperficies fiue figurz re&ilines,
tunc vero linez itz qnz defcribunt qua-
drata aqualia figuris re@ilineis, voce: ud
, Poftwlatum, fiuepetito.  °*
- Poftuletur quemliber magnirudinéroth
pofie multiplicari, donec quamlibetmag-

nitudinem einfdem generisexcedat,

' Axiomfts,fiue pronunciats. '~ ‘3
1 L
Magnitudo quotcungné mmagnirudhres o

tiens,compofitam quoque ex ipfis metitur,
2

Magnitudo qusmcung; isgnitudinem me
tiens, metitur froque omPkm magnitudie
nem,quamillameticurs !

Magnitudo metiens tgt_aul magnitudipﬁ%
& ablatam;metitur, & reliquam. -
Problemas.Propofitior,. !
Dusbus magpitudinibus inz- S
qualibus propofitis,fi de msio- B ]
redetrahatur plus dimidio; & +* X' *
rurfus derefiduoiterum detra- x
hatur plus dimidiojidquefem- 34
per hatzrelinquetur tidem qug ‘a
dam magnitudo minor altera "
minofe exdusbps propafitis, - B €

Theas .

Ft

" e
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. ‘e. , Thearemaz Propolitiog. , =
usbus magnitudinibus propofitis ingqoa?
fibus, fi detrabatug femper minor de maic-
ge, dlterna quadam derra@ione; pegpere(s-
duum vnquam metiatur id, quod apge fg
metiebatur ; incymamenfurabijes funt illis
oltugines.. . = Ed
ﬂ?‘ qf"tqblema x.Propoﬁtig’);_a. .

Duabuiﬁa’g)r;ifﬁdinil;u's commenfura
bilibus datis, maximyw ipfarum com-
gonem menfurgm reperirs. . 4
L T & NSRS o .

v i

" Problems i.Propos | ",

»

furabilibus datis, maximam ipla }.
fum commungm menfuramrepe
Bire. . o A

i

, © fitiog. . '
Tribus mcghixuﬁiniﬁus commen-, {
i

! Theorema 3. Propo- .

: ﬁtl"o.j. . - -
Commenfurabifes msgoitadi y,

nesin:er e properiionem eai }

. hgbent, quam habet numerus }

. sdowmperums 1

: C



" DTS,
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‘ﬁnoremi 4-Propo- ~‘
1‘ n
si dumgn d‘ ines prb
portionem eam habcntin
ter fe,gmm numerts ad
pumehish : conmenturs’ ;
bllcsﬁmt Bz magnuud!- 8 crDGR

-
“

Theorem»fpropoo
fitio 7.
Incommenfurabiles: magnifu- g
dines: inter fe propoftionem - & ’
non habent, quam numuus ad
numctum. S xR

Theonma'&' Propo-
AT ﬁ(lo 8i ‘

Si duz magqltudmes iom fe proponiq,
pem nonbabent, quam numesns ad nume
mm.wcommentuubdmllc funumgni-
tudines., _ ~ :

Theorema 7: Propo-
fitiog.

Quadrata, qua ddrnbnurl re&is lineis 18-
gttudine commenfurabilibusinter fe pro-
- portir
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Eg'tioncm habent,

quam humerus qua-. .

"dratus ad sliumnu. ‘@é

merum quadtatum, =T B

Et quadrata habep. [1:% ¢ .

tia proportionem. s:tee . yey.

Inter fe, quamqua~ saand - $33.

drjpus sumetus ad numerum quadratumy

hapeny quoque latera longitudine coms

menfurabilia. Quadrata verd quz defcribi-
ri lineis longitudine incommenfutabili-
s;propottionem fon habent inter fe.qué
uﬁirhws numerysad numeri alivm quss
rétug. Et quadrate non habentia propore
onem intes fe, quam numerus quadratus

#d numerum quadratum , reque lateraha-

bebunt longitudine commen{urabilis,

Theorema$.Propofitid to,
$i quatuor magnitudines fuerint proportfa
onales; prima verd fecundz fuerit comm&-
fububsidis; terciaquoque, o\ ML 0

AR

quartz comménrabilis B
erityqudd (i primafecti- ottt
dz fueritincommenfu- =~ &- . - '

rabilis ;. tertia quoque D '

quartzincommerifurs- bt
bilis erit. ‘

,- .  Theoremas.Propofitio (1.
Propofitzline® fe&z (quam 'pm}vvocarl

P
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‘ﬁxiams)npmre duss lineas re@tas incom
gienfurabilesyalteram quidé -
Jongitudineantdm , alteram - 2.
verd nonlongmnl tpnts, 8 1l
fed etiam potentia} ﬁmé Rl
fnnbnku S _ £

neonqn,.?ropo- ) Vo
ﬁuou R

‘Mogmtudmcs.quc eldem mag. §i
“nitudini funt ¢omm&urabiles;

-inter fe quoquolunt commen 6 Du.. 4 F.,
- ﬁ;mbxles. 45...3G.

’ SH-“
) O
- B . 11-"- .
i Thesremaro, Propofitions,
i ex duabus magnitudinibus . «
hac quidemcommenfurabie v: oot s
Yis fivterge magnitudini, illa’ . ©
verd eidemi mcg:)ﬁmenfun- e
bilis, incomméfurabilesfust B
Alle das magnicudines, ot
.

Theotema . Propoﬁm 4

-Sidudrum mtgnkudlaum qogmenh.rabf-
.Jum, aleera fysrit commeplurabilis :;g-
o
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mrudinialteri - Coad

cupiam tertiz; re 3% '\2’;"
liqua quogymag A Y R

nitudo eidgm ter:
tiz incom menfv I

rabilis erit.

A C '\.____C_'__.‘
Theorema2. Prbpaﬁﬂb 15,

Si quatuor ‘retz linez propornonales fue-
rin ; pofsit autem prima plufquam fecunda
tanto, quantum eft quadratym reGz limea
#ibi rommcnfurabxhs longxtgdme tercis
quoque potyeric plulquam quarta tanto,
quantum eft quadratum fcQ® lince hbi ‘
commenfurabilis longitudine, Quod fi pri.
ma pofsit p'ulquam feci-
aa quadrate- regte lince 1
tibu longirudiné incom- 1

menfurab:lis #tértia quo- ‘-
quepoterit plifGua quar }
ta quadiato Ye&tz line® - RXRET G
Aibiincommen{urabilis lorgiuatde, -
- Tacbremat Propofitio 6.
Siduz magnitudines cormmenfifrabiles
componantu ; ota magnitudo compoﬁu
fingalis! ‘partibus. commenfurabilss erit;
Q.0d (i tots magnirudo compofita alteru-
m pat ti dommeniurabni! tuem s il dute

S ques

3
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mnpam commé . , <
ileserunt.: ASRAm e e
. D~
_ Theorema t4.Propofitior7,
$i duz magnitudines incommenfurabiles
componsntut,ipfa quoquetota magnitudo
_ fingulis partibuscomponentibus incémen
furabilis erit, Qudd fi rotaalteri partiincd_
menfursdilis fueritille quo- ‘
que prifnz magoitudinesin f‘____‘;__e
ter fe incommenfurabilese. D .
funt,

& heorema 15. Propo-
fitio18.

$i fuerint dvz reQ= linez inzquales , &
quartz parti quadrati, quod defcribitur 3
minore , 2quale parsilelogrammum appli«
cetirad maiorem, ex qua maiore tantum
excurrat extralatus paralielogrammi, quis
tum eft alterum latus ipfius paralielograms
mi: fi préeterea parallelogrammum fuiap-
licatione diuidat lineanmilfam in pattesin
ter fe commenfurabiles longitudine , ills
maior linea tanto plus poteft quam minor,
quantum eft quadratum linez {ibi comrmé-
furabilis longitudine. Quod fi maior plus
poffit quam minor,tanto,quancum eft qua-
dratym linez fibi commenfurabilislongie
tudine;& preterea quant paliti quadratili-
© new
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nez minoris,zquale parallelogrammum
pliceturad maiorem, ex qua maiore tantg
excurrat extra latus paralle- . FED C
logrammi, quantum eft al-

terum latus ipfius parallelo-

grammi : parallelogrammii
fuiapplicstionediniditmar 4

iorem in partes inter felon-

gitudine commenfurabiles.

. Theorema 16, Propofitio 194

SifuerintduzreGzlinez iuq&lu ; quare
tzautem parti quadrati linem minoris, z-
qua'e parallelogrammorum ad lincamma
forem applicetur, ex qualines tantum ex-
. curratextra latus parallelogrammi, quan-
tum eft alterum latus eiufdem parallelo-
grammi:G parallelogram mum preteres fui

spplicatione diuidat lineam in partesinter

felongitudine incommenfurabiles, maior

ills lines rantd plus poteft quim minos

quantum eft quedratum linee fibi minor

commenfurabiles longitudine,Qudd i mg.

ior linea tantd plus poffic qudm minor ,

quintum eft quadritum linezioccommen.

furabilis fibi longitudine: & praterea quar-

tz parti quadrati linez minoris 2qusle ps-

Tallclogrammum spplicetur ad maiorem
' -
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tantum excurratex: 4
tra latus pmllclognmmi.m
qusntum eftalterum latusi-
phius: perallelogrammum -
fulspplicatione dinidit mae A
iorem in partesinterfeincd-

nienfurabiles lorg tudine,
Theorems17.Proj
fidoz20. P‘" ~ &iﬁ

Superficies re@anguli 2—3——=4
contenta ex lineis reéli 4
rstionalibuslongitudine | L5
commenfurabilibus fe =~ A Mg,v‘
cundum voum aliquem »

" modum ex antedi&is, rationaliseft.
X eotcma 18, Propofitioat.
$iradonale ad lincdmra ';g.
tionalem applicetur; ba- A .
bebitalteruth Jatusline- |
- gmratiopalem & com- »n I
. smenfursbilem long:tu-
.dine line® cui rationale
patallelogrammum ap-
plicatur.

Thebtema 1y, Propefitio 4.

Superficies re@angula contents duabus -
necis reQis rationalibus poxétiazantﬁcéfznu
. 1l a ra=
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funbllibus irrationalis
cft. Lmeuutem queil- p B ¢

lam fupeérficiem poteft,
irrationalis & ipfaeft; vo %’
cetur vero media. '

Theotema 20. Propo-
fitio23.
Quadrati linez medizad lineam rations-
lem sppliciti, slterum latuseft linearatio-
nalis, & incommenfurabilis longitudine ﬁ-
nez,ad quamapplicatur.

£ <

e

CF G

Theorema ‘21. Propo«

- fio 24. T_T
Liﬁea re@amedizcoms %
méfurabilis, et ipfaquo ¥

que media, ‘? ,_____' %

Theoe




LIBER X 13
Theoremaza.Propo. .
ficio 2.
Paraliclogrammum re-
m contentumc, B L
fub re&is lineis medijs

Jongitdine commen-
furabilibus,medium eft, @
. K
Theotequ;. Propafitio 26..

Para‘llelognmmum geGangulum compre-
henfum

fub dua =X ¥ :
bus nes| | | Fl o
medl)s ) S
potentia | - w}"\
tantum y . f‘,\ 4. 3‘%
commen . ~—

furabilibs;  NMG
vel rationale eft, vel medium.

Thcomna 24. Propofitio z7
Medium' - '
non eft ¥ B_¢
maius,

quamme’ ,\5-4 _
dium fu-' “"5 -1
pe:ﬁde X - ]

ndonall. 13 Pro-




154 EVCLID, ELEMEN. GEOM.

Problema 4. Pro- A
poﬁtio 18 p rompnt
Mediasliness inuenire po
tentia tentdm commen 3
fursbiles rationale com- D
prebendentes.

A
* Problemss. Propos D
* fitio 29 - ‘B
Mediss liness inuenirepo______ ol
.

tentia tantim commen-
furabiles, medium ¢om-—
prehendentes. - T -
‘ Problema 6. Propofitio 30,

Reperire duas rationales '

entis tantum commé
farsbiles huiufmodi, vt
maior ex illis poffit plus,
quim minor, quadrato
FeGtz linex fibi commen . )

furabilis ansizudhq € eeesEvenes P

Problems 7.propofitio 3t

Yauenire duss rationales potentis tantim
commenfurabiles;its vt maior, guiam mi-
porpluspoffit, quadrato re@e lincz fibi

_ long'wydiacincommenfurabilis,

pra-

[

1
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Problemag.propofitio 32.

- ‘Reperireduas liness medias potentia tan-

thm commenfurabiles ‘
rationalem fuperfici-
em continentestalesin ., A.“_ e
quam, vtmaior pofiit C

tus,quim minor,qua-
zrato re&z linez fibi . BRa
commenfurabilislon- " p
gitudine, —
Prablema s, Propopoﬁtio 3.
Inuenireduas lineas me- -
diss potentiatsntim ¢6-
meniurabiles, quz med}-
am ﬁnpuﬁacm contine-
ant,ita vt maior plus pof-
frt, quam minor, quadra- ;
torefzlinea fibi longi o
tudine commenfurabilis, T
Problems 10. Propofitio 34.. '

Inuenire dussrelas liness Potcnua income
menfn-

" rabiles; L : 3:;? '.
quarum
quadra- "%, N

ta fimul ,
compo- _ :
fica faci- - B F C
antfuperﬁcnem rationalem ¢ Rc&mgalum

verofubipfis contentum, faciant mediume
14 pro-

el x| Ol >

F .
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Problema 11, Propo-
fizio. 35. .
Reperite lincas duas rectas potentiaincom
menfurabiles, conficientes compofitum ex

ipfarum v ‘
quadratis )gf*;" ’ !
medium D - |
parallelo !

gramma

veroexi- L )

pfis con- 3 E B kK Q

tentum sytionale, - .
Ptoblc@ala.Prpéo- N ‘

S ﬁﬁo;‘. ot i [

Reperireduas lineas reQas pow!ti‘ incom
menfurabiles,conficientes id,quod exipfa-

rum quadratis componitur,medium,paral.
lelogra o ol
mum . .
ex ipfis ' U%N‘N :
conten B KT !
tum, - . \ P TIE T
mediii ; li - Y ety
quod A E dT,%

pratereaparaliclogrammum fitincammés
furabile compofita ¢x quadratisipfarum.

| Cieteaa, PRI
] o »

r,
3
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PRINCIPIVM SENARI O.
rum per compofitionem,&
Synthefin,

Theorema 2. Propofitio 37

Siduz ranomls potentia unt&m commé-
farabilis com- 20 . ‘e q
onantur;tots : 8
rationalis erft, Wocetur wtemBinoml-
um, vel ex binis nominibus, :
Theorema 26. Propofitjo 38. -
Stduz'medizpotentia tantiind commenfu-
rabiles, rattonaleconunemes componan-
tur; totalinea . .
eft u'rmbﬁr A L o 8 q‘
Jis,vocetur autem ex binis’ meda)s pnma. :

MThcorema z7,Propoﬁno 39. '
Si mediz potentia .

tantim commé(urablles; 3
medium continentes & 6- :
ponantur; toralineacltir] - ,
rationalis: voceturauté 'vr\ %’
ex binis medijs fccunda. '

E
. "Theorema 23 Propof do 40,
Si duzredz! ineg potentia incommenfur@P
biles componantur ; copficientes compolis
tumex qnadraus ipfarum , rationaleparal-
. 1 ’ ‘ lelo=
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lelogrammum verd ex ipfis contentum, me
dinm; , B c
sota li +
nearefa eft irrationalis. Vocetur sutem li-
nea maior. ,
Theorema 29. Propofitio 4.
Siduzre@z linex potentia incotnmenfu-
* rabilescomponantur, conficientes compo-
fitum ex ipfarum quadratis, medinm:id ve-
ro,quod gtcxipﬁs. ratipnale; tota teGali-
neaeft s YR
irrad- - : -,
onalis eric. Vocetur sutem potens satiogs-
Je & medium.
Theorema 30.Propofitio 42.
Sidue re&tz lineg potentiaincommenfuras
biles componantur, conficientes compofi-
temexipfarum quadratis medium;&quod
continetur exiplis, me- | P c
dium; & pratereaincom 3 P X
menf:;abile compofito N
exquadratisipfarum:io- T < 2
- tare&alinea cit irratio- \;;A «g%
nalis. Vocetur autem bi- -
na media porens. £ -
Theorema i Propofitio 4.
ﬁl: lines ex binis nomipibus vocata,in v-
' tawtum pun
o diniditurin 2, r < B
fpanomins.

H

-
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Theorems 31. Propofitio 44.
Wﬂmmﬁjs prima, in vnicatant@
nduiat- .
turinfusnomi- > RS B
“Fhsoremay; progo-
rems3s. P
oy, T A2 c 3
b 3 M H
Que ex binis medijs fe-

cunda, in vnico tantum
pun&o diuiditur.in Tus
nomins. ¥ T «
Theorema 3 4. Propofitio 46.
Linea maiorin vnico tantim punéto djui-
tur ) -
fofas S, e »
nomina. L
Problema 3. Propofitlo 47.
Lineapotens rationale & medinm, ia voj-
€0 Ln- '

W, N b ¢ " B
punito dividitur in fua nomina. N
'i'hcorema 36. Prﬁpoﬁ:io 43

Linea potens duo media *- “_if“—-’
jn vnico tantum pun@o p} g
dividitur in fua nomi- |-
2]

XF
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DEFINITIONES
fecundz,nempebinorumno-
minum. SN

- Propofita linea rationali; & linea ex binis
nominibus vocata,diulf:‘,in fua nomina,cu-
ius maius Romenyid eft,maior portio,poffic
plufquam minusnomen; qriadrato linez fi.
bi, maiori mquam nomiai, commen(urabt-
lis longirudine, -

1.
Sl quidem maiusnomen fuerit commenfue
rabile longitudine propofitz line® ratio-
aali; Vocetur totalinea compofitaex binis
uomnmbus,y rima,

2.
Siverd minus nomen, id eft,minor portio,
fueritcom menfursbile longitudine propo.
fitglinez rationa'i; Vocciur tota lineaex
binis nominibus fecunda, :

3 .

Siverd neutrumsip{orum nominum fuerit
commenfurabile longi.udine propofite li-
pegrationali; Vocetur toza ex binis nomi-
n bus tertia,

- Rurlus fi maiusnomen poffitplufquam mi
nus noraen, qaadrato linez fibt income
menfurabiles longitudine.

4-
Si quidem maiusnomen fit commenfura-
rabi-

B



S LIBER' X 7 Cig
rabile longirudine propofitz linez rationas
li; Vocetur toia linea ex binis nominibus
quarta. ‘ :

N ,‘ ’ . ‘
Si gy d minus nomen fueritcommenfurs-
bif®longitudine linez rationali; Vocetus
tota ¢x binis nominibus quinta,

81 verd neutrum ipforum nominum fuerle
longitudine commenfurabile : propofire
finez rationali; Vocetur totaex binis nomik
nibus fexta,

Problema 13. Pro- . D

politio 49. L 16 F
Reperire lineam ex binis : 2 G

nominibus primam. H
2 4
A.'no-(‘- .onn
. : ' 16
Problemaiq, Propo- o 3~
‘itio.’o. ’ An.u.Cno'B
erire ex bin “
Reperire ex bin's nomi-
nibfns[ecundam. i
r FrY e
P e e |
He -
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Preblema 5. Propo- 1§ f
ﬁ‘“,‘. Auuuo ...C“"
20

obe P o
J

teperire . e
ex binis 7 20 G I K
nomini = : - -
Y tertis KL
Problema 6. Propo- o 6
ﬁdo jl. A‘.nc ) .‘C.-mB
R | 1

. D
Reperiré ex binis 00~  Feteteprtoete
mioibus quartam. L F &

[ S B s ————

¥ ([
6 4
Problema 1y Propp- Ac.ciereccnCone
fido g3, 20
Reperireexbinisno . -3
-mibusquintam. gy T a6 g
He
10 6
. . : A.’coounouCoouqooB’
Problems 18, Pro: "6
Po‘ido “0 DO'Q evesssesessce
20
Repes

n.“"

|

)



—

LIBER X
Reperfn ex binis
sominibus feztam. _“3--—~ |
; » 9| .5
_ Theotems 3 Propoﬁuogy. .
:‘iﬁ:perﬁda contents fueris fub rationali,
ex
binfs ’
nomi- 7—R x i
nibus I |y X

prima“
ret P |
linea,
que il

lnmfup:rﬁde tcﬁ eltirmionah’xq% :
ex binis nonimtzsvocatur '

rd

Theorema 8. P'ropoﬁtio 76.

Si fuperficies cStéca fuerit fub lines gations
I, &
binis r_x T 2
nomi- ’ .
nibus —n
fecun- ﬁ
da;Re- vi{"!
&a li- ° €L KH B

peapotens ill3 fupcrﬁcxem' ‘eft irrationalis;
Qe ex binis medijs prima vocatur,
: Theos

\
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Theorema 39. Propofitio 57.

Si fuperficies contincatur fub rationalt, &

ex bihis

pomini 2__R v off 8 5
bus ter- "

tiajre- X M

& I & |

nes, qua

illamfu

perficiem poteft,eft trrationahs, quz ex bi-
nis medijs dicicur tertia.

'

Problemi 40. Propofitio 8.

Si fu-
perﬁo
cies |
contis |
nea-
tur & |
fubral _
tiona- *
li, & ex binis nominibus quarta ;re&s lme(
potens, fupetficiemillam eﬂ:u'rauonaln,
qua dicitur maiot. - ,

HRK L CJS 0‘-

Theorema 41. Propo-
fitio 59.

Si fupetficies contineatur fub rationali, & o
binis
|



LIBER X, ' 34f
bints nominibus quarta;re@a lines, qua il-
lam fuperficiem poteft, eft irrationalis;qua -
dicitur potens rationale;& mediumi;

Lo Ldd =7 RF

*\ .

l HXKXL G v [

“Theorema 42. Propofitiofo,

§i fuperficies contineatur fub rationali, &

ex binis nominibus fexta; Re&a lines, qua

illam fuperﬁcmp potc& eft tmuonahs,
quzdmpom,bma media,

3 HXLC I
Theorema 43.Pro,
fio 61 P
@udratum eluslines, qua eft exbinisnos
W juslis qu hareterd
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minibus, ad lineam ra-

tional€applicatum,facit o] —

- latttudinem ex binisno
minibus primam.

-

Theorema 44.Propo- Ar——7——» |

fitio 62. »
Quadratum, eius quz eft

“lineam rationalem line-
am spplicatum, facitlati.

exbinis medijs prima, ad ?g;
3 H

tudinem ex binis nomini
bus{ecundam.

[L X F

Theorema 45. Propo- a c_»

fitio 63.

Quadratum eius,que eft °
exbinis medijs fetunda,
adlineam rationalem ap
plicatum facit latitudiné

¢x binis nominibus ter- F
tiam.

H ] l

A,

Theorema 46.Propo-

Quadratum linez maio-
ris fecundum lineam rati-
- ‘onalem applicatum, facit
latitudinem ex binis no-
minibus quartam,

MING
X
K7 B
B M
dnﬁx
Theoe
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corema 47. Pro- -
pofitio €.
Quisdratum linez poté Peemfipent
tis rationale, & medium
fecundum rationalem ap
plicatum, facit latitudi-
nem ex binis nominibus X

Yuintam, ‘ -
.. Theorema 48. Pro- , e,
pofitio 66. — K mvg

Quadratum linez poten ©
tis duo media,fecundum
rationalem applicatum, ‘%ﬂ
facit latitudinem ex bi- ,
pisnominibus fextam., ¥ WL X
.. - Theorema 49.Propofitio 67.
Lines longitudinecom- A E B
menfursbulis,ei linegque™ (-

eft ex binis nst;minbus;& L
ipfa ex binis nominibus eft, atqueinordi-
neecadem,

. Theorema fo. Propofitio 48.

Lines longitudine com- A E B
menfurabilis alteri line2™" "~
quz eft ex binis Medijs;
& ipfa ex binis medY)s eft, atque inordine

eadem. ‘ t
Theoremast.Propo- A E B
fitio 69. C X D
Libes commenfurabilis— s

lipex maiori, & ipfa tnaior eft K 2 Théo

F o
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Theoremasz. Propofitio7o.
Linescommenfurabilis linez potenti ratis
onale& medium, et & A E B
ipfalinea potens rationa- =
le & medium. C F D

Theoremas 53. Propofitio 7t.

Linea commenfurabis A E B
lis linez potenti duo )

- media, eft & ipfa linca

potens duo media.

‘Theorema 4. Propofitio 7z

Si duz fuperficies, rationalis,& media fimul
componantur,linea qug totam fuperficiem
compofitampotefteftv- E H K
na ex quatuor isrationali-— ¢

bus;vel ea, qua dicitur ex
binisnominibus, veles,

que ex binis medijsprie B DF G L
ma, vel linea maior, vel

lineapotens, rationale &

medium. .

Theorema 5. Propo-
fitio 73.

.Sidue fuperficies mediz inter feincommé
| fura-
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fyrabiles fimul compo- '
pantur;Guntrelique dug EXR
linez irrationales; & ex { <

binis medijsfecunds, vt
bina media potens,

B PF G

SCHOLIVMEX THEONE, ZA M-
berto, Campano , & P. Chrift.
Clauio,

Ex: bis omnibms facilé colligitur , quod lineaes,
guacft ex binis mominibws , ¢ catera ipfam fubfe-
quentes,lineairrationales,neque funt eadem cums
lineamedia,meque ipfainter [¢ funt cadem.

Nam quadratumlinee medie, ad lineam rati.

onalem comparatum ¢ applicatum , efficit alte-
ysm batws,lincam rationalem, feu lutitudinem ra-
sionalem, ipfi lineerationali(boc eft linee , ad qud
applicatur ) longitudine incommenfurabilem : per
propof. 23.libri decimi. .
" Quadratumverd gins [inee, qua ef ex binis no-
minibus,ad y ationalem,appluc atum,eff.it alterum
Latws, & Lincam , feu | atitudinem ex binis nomini-
b primam: per 61,

Quadratum verd eius , queest ex binis mediis
prima ad Rationalem applicatum, latuudinem
efficit ex binis nominibus fe.undam : per 62.

Quadratum verd ciws,que eft ex binis mediis fé-
ctinda,ad rasionalem applicatum, lasisudinem of -

O Ji

Y
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fisit ex bimis mominibus tertiam: per 63.
Q:3adratum linee maioris,ad v ationalems appli-
catwm asitndinem efficit ex binis neminibms guar.
tam:per b4. ’
Quadratumvero cims, querationale, & mediam
poteft, adrationalem applicatum ; efficit alseram
Lapss,fen Lasisndinems ex binis nominibms quintam:
erés. .
illydmm deniquelines cis,que binamedia pos
seft,ad rationalems applicatum , eficit altersm la-
tws, feulasitudiness ex binis nominibm fextam:
erbf.
’ Ciumigitur be latitudines (qua a newnullic las¢
vadicumur.) differant , & alatitadine media ¢
jater fe,alatitudine quidem medie, quod becyati
onaliu fit , ille vers irrasionales, inter fe autem,
quod i oy dine won fint eadem cxmy iis ex binia nce
manilns : manifefium eft omnes ipfas srrationales
Lineas,de quibms bacterms diGGum eft inser (e diffe.
ventes effz.

PRINCIPIVM SENARIQRVM

per detralionem, & aphare-
fin,
Theorema 56 Propofjiio 74.
Side linea rationali detrahatur rationalis,

porentiatantim commenfurabilis ipfi ra-

tis Refiduaeltirratio- A A A

-alis:Vocetur autem—
fiduum,hog elt,apotome,

Theo- |




LIBER X, 1743
Theorema 7. Propo-
N fitio 7.
$i de linea media detrahatur media, poten~
tis rantum commenfurabilis toti linez;qua:
vero detrata eft,cum tota contineat fuper-
ficiern rationalem; R efidua eftirrationalis.

VoceturautemRe- A A B.
fiduum mediii pri- — | ——.
mum;hoc eft, medizapotomeprima.

Thearems §8. Propo-
fitio76.

Side linea mediadetrahanir media, poten-
tia tantim commen.A___ ¢ B
furabilistoti; quevero® S
detra@aeft,cum totacd e

tineat fuperficiem me- \%« )
diam:Reliquaeftirrati.
tionalis. Vocetur autem a

Refiduum medium fe ! H E
- cundum,hoc eft, mediz apotome fecunds,

Theoremas9.Propo-
fitio 77,

Si de linea re@adetrahatur re&s, potentis
incommenfurabilistoti; compofitum au-
tem ex quadratis totius linez, & linez de-

wrala, it rationale;parallelogrammunm ve-
. 10¢X

”™ .
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7o excifdem contentum, fit medium: Reli-
qualineacritirrationalis. A C B
Yoceturautem linea mi- —— - -~

r.
R Theorema c. Propofitio. 78,
~ Sidelineare@a detrabatur re&a, potentis
incémenfurabilis totilinez; compofitum
sutem ex quadratis tqtius, & linee detrf&t
fit medium;paraliclogrammum verd bisex
¢ifdem contentum,fit rationale;R eliqua li-
fes elt irtationalis, Vacetur autem linea fa-
ciens cum fuperficie rationali totam fuper=
giemmediam. A C B
Thearema § . Propofiitio 79.
Sidelinea re@a detrahatur re&a patentia
incommenfurabilis toti linez: compofiti
eutem ex quadrscistotius, & linez detra-
&z,fit medium : Parallelogrammum verd
.bisexijldem fit etism medium: prateres
fint quadrata lpfarum incommenfurabilia
arallelogrammo bis exijidem contento,
Reli?lua linea eftirrationalis. Yoceturau-
tem linea faciens cum
fupetficie media totam ;M'a

fuperficiem mediam,
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Theorema 62.Propofitio 3o. '

Refiduo vnica tantim linea re&a coniun~

gitur rationalis, A BB D

otentia tantim- |~ | ————
commenfugabilistotilinez,

Theorema 63. Propofitio 81.

Reﬁduo medio pﬁmo vnica tantim linea
.. conifigitur media, potentia tantim com~
menfursbilistotiipr A | BC D

facum tora rationale |[—]—
;ontinms.' T - oL ‘; ,"
Theorems 64- Propo.

“fitios2.

Refiduomediofecundo , 5, ¢ p
vnicatantim conifigitur —
re&a linea media, poté-
tia tantim commenfura

bilis toti, ipfa cum tota eﬁi
medium continens.

MmN

. X . (]
Theorema 6§. Propofitio 33.
Linez minori vnica tantum reGa linga con

iuogitur, potentiaincommenfurabilis toti,
faciens cum tota compofitum ex quadrl;g:
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ipfarum rationale:id A BC D
verd parallelogram- '
mum,quod bis ex ipfis fit, medium.

Theorema 66. Propofitio 84.

Linez facienti cum fuperficie rationali to-
tam fuperficiem mediam, vnica tantim c6-
fungitur linea re@a,potentiaincommenfu.
rabilistot’; faciens autem cum tota com
fitum cx quadratis jpfarum, medium; Id ve
ro,quiodhtbisex A B C D
ipfis, rationale, . '

Tbeofema 67. Propofitio .

Linez cum media fuperficie facienti totam
fuperficiem medis , vni-

ca tantum coniungitur & 2
lines, potentia totiince F—Tmy
menfurabilis, faciens cd
tats compofitum ex qua g%"'
dratis ipfarum, medium,

id verd, quod bisexipfis © - .
etiam medium: & praterea faciens compo-
Foﬁtpm_ex' quadratis ipfarum incommen-
furabile ei, quod fit bis ex ipfis '

€ D

PE-
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DEFINITIONES.
TESTIAE, XN EMPE APOTOr
marum, feu Refidsorsm.
Propofitalinea rationali,& Refiduo., fi tora
népe compofitaexipfo Refiduo,& lineail-
li coniun&ta,feu congruente,plus poflir,qui
coniun&s, quadrato reétz linez fibi longi-

tudine commenfurabilis; '

L
Si quidé tota linez propofitz rationali {it
longitudine commenfurabilis; Vocetur re-
fiduum primum,f{éa-Apotome prima,

a.

_ Siverd coniun&s fuerit longitudine com-
‘menfurabilis propofitz rationali; ipfaau.

tem tota plus poflit, quam coniun&a, quae

drato line2,{ibi longitudine commenfura-

bilis;: Vocetur Refiduum fecunds,(eu Apo

tomgfecunda, | ’

Siverd neutralinearuin fuerit longitudine
commenfurahilis propofitz rationsli; pofs
‘fit autem ip{a tota plufquam coniun&a,qua
drato linez fibi longitudine commenfura-

wbilis;Vocetur Refiduum tertium,feu Apo-
tomerertia,

Rurfus fitota poffitplus, quam gonilm-.
B feu congruens,quadrato recg linez fibi
_Jopgitudine incommenfurabilis;
4Et
A
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4.
Etquidem fi tota fuerit longitudine com-
menfurabilis ipli rationali; Vocetur Refiy
duum quartum, feu Apotomequarts.

Siverd coniun&ta l{ierit longitudine cd+
menfurabilis ipfi rationali ; & tota plus pofs
fit,quam coniun&a, quadrato linez fibi 15+
gitudineincommenfurabilis, Vocetur Re«
fiduum quintum,feu Apotome quinta.

Sidenique peutra linearum fuerit com-
menfurabilis longitudipeipii rationali;fue.
ritque tots pctentior,quam coniun&e;que-
drato linez ibi longitudine incommenfu-
rabilis; Vocetur Refiduum fextum, feu A=
potomefexra. .

Problema 19.Propo- X
fido 86. D o e g |
Reperire primum Refs. B c @
duum, H
Aot
16
D....wiFo. . E
: 9 4
Problema:o.Pro- ___K
R poﬁtfio 87;'1 se i <

eperire fecundum ,

Relﬁ”duum. T AN
Sobory
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D-.m-OM;F.o"-O..
37 9
Problemazi.Propo- .' ‘ll" .
fitio 88, . S E..C
9 . ?
X
Problema 22. Pro- A
pofitiogg. B o G
Reperire H
quartum Refi- D...cceeonsFes E
duum. 16 4

Problemazs.Pro-
POﬁliO 90. B C ?

Reperite quintum Ke- _H
faiduum, qu. > N F....R
_ |
Problemaz4.Pros \
fitio o1, 2 !-—-;-_[-—l a
- —
Reperire fextum Refi- ) -
duumo M
) PP |
B..cesDeesed
- Theoe
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Theorema 68.Propofitio 9.
‘Stfuperficies contineatur fub linea rationss

lL!kre- xr 1 1+ PO ETG L o
fiduo A 1 l” r] ¥ =
primo; |

re@a li 3 o%* $ )/

nea,

quz il | z

lam fu- t H 'K R, T

perficiem poteft, eft refiduum,
Theorema 69. Propofitio ¢3.
Sifuperficies contineatur fub linea rationss

};ﬁ;‘ A YY¥YG L N O
<

lECun- - y//;

do;re- q\:?y ST /

tfalh ?‘ﬁn Z

nes,

(}Iﬁ] HIK X i—'ﬂJl

fuperficiem poteft, eft refiduum mediale
primum, feu mediz Apotome prima.
Theorema 70.Propofitio94.

Sifu-r,_ o _rre N . O

perfic | T

cies § -"g

. ¢Otime "f?_ A

atur

fub It

fearaS I HIK an T _
: tionaliy

A



_ LIBER X. e
tionali, & refidno tertiojre@a lines, que il-
Jam {uperficiem poreft, eft refiduum me-
diale fecundum, feu mediz eft Apotome

. fecunds, :
Theorema 71. Propofitio 9f.
Sifupetficies contineatut fub linearations- .

h,&
refi- D EFe N_o

duo 1. Js¥

quare | X
e 195 4+

-nes, ¢ B H R R T

uz -

glam fupetficiem poteft,eft linea minor.
Theorema 72. Propofitio 96-

8i fuperficies contineatur fub linearationa-

B, & refiduo quintojreQalinea, queiyjy g, .

fuperficiem poteft, eft es, quz dicitur &

X D Ffe L N (]

Ny

B M
rationali fuperficie faciés totam medialen
Theorema 73. Propo-

_ fitio 97. |
8i fuperficies cStineatur fublinea radonalz.‘
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& Refiduo fexto; re@alinea, quzillam fus

erficié
P A, D,k kG L

potett, l H 30

eftes.

quedi- @s sz -

citur fa J

¢ciens z

cum © B HIKR T M

mediali fuperficie totam medialem:
Theorema74. Propo- A 5 G

C ) 3 Ir\ KM

fitio98. +

Quadratum refidui ad line-
am rationalem applicatum,
. facit alterum latus refidu-

um primum. -

Theorema?s. Pro-
pofitio 99
Quadratum refidui me-
dialis primi ad rationa-
lem applicatum, facital-
terum latus, refiduum fe
cundum.

Theorema 76- Pro- A B ¢

pofitioreo. & )
Quadratum refidui me- | -
dialis fecundi ad rations.
lem applicatum, facital-
terum latus refiduum ter

tium.




~ ad rationalem applica-

- LIBER X - iék
Theorema 77, Propo- x B«
fitioro1, €. E _NKm
Quadtitum lineg mino-
ris ad rationalem appli- ﬁ
catum, facicalterum la-
tus refiduum quartum,

Theorema ;8 Propo- A3 &

fitio102. —r N ¥

Quadratum linez cum T
rationali fupérficie faci- %6

entis totam medialem, |

tum, facitalterum latus & X 3

refiduum quintum, B__G

Theorema7g.Propos £ F N KN
~ fitio 103. ‘,:

Quadratum linez cum T
mediali fuperficie f'a(:ié-:r str
tis totam medialem; ad { _
rationalem applicatum, E X HL
facitalterum latus refiduum (extum,

... Theofema 8o:Propofitig1o4.
Refi linearefiduc A 8 7
commenfurabilis ¢ D _r
longitudine; eft &i- ﬁ
plarefiduum , feuin ofdinéeadem.

. _Theorems & .Propofitiotof. =
Re® lines commenfurabilis refiduc me-
" s dialiy
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diali, et &ipfa re- A 1 B
fidunm mediale,& e )
ciufdem ordinis; < - ¥
{eninordine eadem;

Theorema83.Propofitio 106.
Re&a lineacomen A 2 n
furabilis linez mi- ° \ d
nerieft&iphalinea &P . »
minor.

Theorema83.Propofitioroy.

ReQs linea commenfurabilislinez cum ra
tionali fuperficie facienti totam medialem;

eft&ipfalinescum v

rationali fuperfi: .* — =
cie faciens toram ¢ - S
medialem. — -

. Theorema84.Propofitio i08..
Retta linea commenfurabilis lincz cum

mediahfuperﬁc:efa N n }
cienti totam media- . n S
lem; eﬁ&lpfacum-— + 3

medu]l fuperficie faciens totam medlalem. ‘
Theorema g5.Propofitio 109.

Side fuperficie rationali

detrahatur fuperficies .

medialis;reQalines, quz ¢ 24

rehquamfupcrﬁcnem po —

teft, eft alcerutraex dua-

busnrmiomhbus,aut re-{ !

fiduum, aut linca migor. '— ——
o - Theo-

N

w

-t
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‘Theorema 86. Propofitio 1te.
$i de fuperficie mediali E
demhatur fuperficles 4
rationalis;aliz duzirra-
nomlaﬁuo;.aut refidu-
um mediale primum,
" autcumfitionalifuper- ®* °F §
" ficies totant medialem,

Theorema 87. Propo-
fitio 111.

$ide fuperﬁcu mediali detrahatur Tuperfi-
, Ciesmedialis, qua fitin-
comméfi uabils tori; jree £
" lique duz fiuntirratio 7 -
nales, autrefiduum me-
- diale fecidum , autcum
mediali fuperficie faciés
totam medialem,

Theoreml 88. Propo-
fitip Lz,

b PFE -

Linés, quarefidumdi: x 5
citur,nonefteademcum , o, ¢ 3

ea, qua dicitur Binomi- [
=* IE;

Li SCHO-
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SCHOLIVM EX THEONE, ZA M-
berto, Campano , & P..
Clauio.

Exbis demonflratis facile imelligitur , qued
veBalinea,querefidusm dicitur, Gr catere quing,
cam confequites irvationales,neq, linee mediali,
ned, flbiipfainter [¢ funs cadem,

Nam quadratum lincamedidlis fecsmdsny 4. |
tionalems applicasum facit alteram s, ationse
lews lineam , longitudine incommenfurabilem ¢,

Jom ad quam applicassy , pev propof. 23. libri deci
wi,

Quadratum,verd refidui fecandtinvationalems

applicarum.facit alserum latwi, vefidusin primnsm
erg s,

! Quady atum verd refidui medialis primi fecan-

dusm vationalem applicatum , facit alterume lasws,

refidusum fecundum per g9 .

"Quadratum verd vefidui medialis fecundi,facit
alserum latws yefidusm testium, per 100, :
Quadr asurs verd linea minoris, facit alterum

Latws refidscum quarsum, pet 101,

Quadratum verd linea cum rationali fuperficie
Sacientis totam medialem. facit alserum latus re-
Jiduum guintum, per 102.

Quadratum verd linee cummediali fuperficie
Sacientistotammedialem , fecundumrationalem
applicatum, facit alseram Larws refidusim fextum,
pering. '

' ' Chm
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Clom igitwy dicdaLatera,quefint Latitudines ¢y
Q5 parallelogr ammi vnignig, quadrate equalis,
& sdrasionglem , applicati, differant ¢ aprime
latere, Cripfaipter fe,(nam aprime differuns:
quoniam funt vefiduanen cinfdem ordinis )confta
/s quag, lineas irvationales inter fe differenses
ofe. Kt queniam desponfiratumeft , refidusm non
¢(f& idem quod Binomism : quadyata antemyeli-
A, & quing, linearam irvationaligim illud confe-
- quentium,ad 1 ationalew applicatafaciunt alters
Lateracx refiduis einfdem or dinis guives fune (s ve-
Sidua,quorum quadrata applicantur v asignali, fi-
miliser & quadyssa Binemy, & quing, lingarum
* grvasionalium illud cqnfequentinm, advationalem
applicasa,faciunt altera lasera ex Binomijs cisf~
dewm o1 dimie,nim funt & Binomia , quorsims qua-
drats applicansur rationalr. Ergo linea irvatigna.
* lesy guaconfequymur Binommum , & que confe-
ur refiduam,funt intev fe differentes. Quate
e lince amnes orrasionales fins numero , 13,
fequentes.
{:u}ialiiu;qnnlgb mediali appellacnr: proe
.22, ,
2.Lines o binsis nowinibws ( valgd Binemium:) cu-
#us (8 (Ut [pecies mmentg: propef. 37.
3.Ex binis medys primayvulgd Bimediale primums:
propef. 38
4.Ex binis medfjs (ecundayyulgd Bimediale fecun-
dum:prope/. 39. o
S.Masor. ' propef 0.
. - s o.Linea
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6.Lincarationale,ac medium patens:propof. 1A
9.Binamedia potens: propof.42 _
8.Apotome ( yulgh refidusm:) cusus etiam fpecies

- fexfuntrepersa: propof 74.
9 Mrlm Apotome prima ; vulgd vefidusm:propef.

. Medu Apotomefecunda, wdgb nﬁdun mli-
ale fecundsm : propof76
11 Minor : propef 77
12. Linea cumvationali medium totum efficiens;
vulgdlinescam rationali fuperficie totam me-
dialem faciens: propof 78
13.Cum medio medium torum efficiens;vulgd lines
" cummedials fuperficie totam medialem fa'i-
ens:propefi79
Theorema 8. Propofitio 13,
Quadratum liriez Tationalisad Bmomiuq
spplicatum, facital _
terum Jatus refidu- H—?—;-—

um, cuius nomina© g p c
funt commenfura- -
blhaBmomqnomi-‘[-lrl:- X F R
pibus, & ineadem I
propordione prz- 23 3"

tercaid, quod tit refiduym, eundem ords
mem retinct,quem Bmomtum

Theorema go.Propofitio 14.
Quadratum linez ratidnalis ad rejiduum
.Ppltcamm.fmt #tetum latus Bmommm,

cuijug
A

|
|
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LIBE
¢uius nomina funt ‘R
commerifurabilia et
pominibus refidui 8 D c
& in efdem pro. o —
rortiom; praterea £FrE X
d, quod fit Bino- . o
mium eft ciufdem~ -
ordinis,cuius & refiduum. !
' Theorema g1. Propes i
‘ fidony, ~ 7 &

§i paralielogrammum con- 3A

tineatur exrefiduo, &Bino- ™1
mio,cuius nominafuntcomd .,
menfurabilianominibusre~

fidui, & in eadem propo
one;res linea, quzillam fu

E b

rti- %

M

erficiem pogeft,eft rationa. 1
55. ‘ Xrxr

Theotema 9. Propofitio. 1:6.
Ex linea media hafcuntur linez irrations.

lesinume- A

rabiles, B

qUIMIM ————= 1 ¢ D

nullavili C —T
antedi®a ,
rum ea- I
demfie, b E
Lg " Theo=
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Theotema 103, Propofitiony, -
E.H.K

. Eue
ropofitum fitnobis de- -
201;'Enre.inﬁgurisqm. ¢c 2~ H
dratis diametrum effe!5-
tudine incommenfura:
bllem ipfi lateri,

~ FINIS ELEMENTI X.

ByCLL
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EEVCLIDIS |

LEMENTVM
VNDECIMVM
BT SOLIDORVM
_ primum.
DEFINITIONES,

: A
Olidum, ¢ft quod longitudinem, lasle
rudinem,& craffitudinem habet, e

' . & ,
Son&mmmpmvearn?mq‘ o

LineareQacftad plmgum reGa, cimadre-
&as omnes lineas,a quibus illa tigitur,qua-
que in propofito funt plano, re&os angulos
efficic. 4. '
P!ani ad planii reGum eft,cim re&zlinee,
quz comuni planorii fe&tioni ad re@osan-
gulosin vnoplanori duciitur, alteri plano
ad re&ofuntangulos, f.

Re&z linezad planum inclinatio eftangu.
lus acutus, ipfainfiftentelinea, & adiun@a
altera comprehenfus, cim 3 fublimi reG=
illius line® termino dedu&ia fueritperpen-
dicu'aris,atque apun&o,quod perpendicu-

Jarisinipfo plano fecerit, ad propofite illi«

us linez extremum, quod in eodem eft pla

no,alterare&alinca fueritadiunQta.
: Ly 6.Plani

1 .
-
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Planiad phnum mclmmo,c&ingtﬂus acu.

tus re&is lineis contentus, qualin vtroque

planorum ad idem communis fe&ionis pé-

?xam dufiz, re&os npﬁ fetieni angulosefe
unt.

7
Planum fimiliter inclinatum' effe ad pla-
num, stq;alterum adalterum dicitur, cdm

difti mehnauomn mguhhw fe (hnto-
quales, . .

8.
Parallelaplanafime, qua intsr fenonindi-
dun:,necconcurrunt,

Sumleﬁ ﬁgurz lbltdz funt. qﬂz ﬁmdibus
plapis,multjtudine cquahbuscqnuqnnm

Asquales, & fimiles ﬁgura {alide innt,qua
Gmilibus pl;ms,m\:lmudmept magmtudt-
ucqthwmtur. S

Solidusangyluseft p!urx mum; quim dur
fum linearym,, que (e'mutud contiggsor,
pecin eadmﬁm fuperficie, ad omues line
as lnclmatlo.
. Aliter.

‘Sohdus angulus cﬁ,qm pluubus,quam due
*us planis angulis,in.codemplano non con-

ftentibus, fed ad youm pugGum colleQis
mndmur. .3 13.Pyra-

“ ]




N4 .
" LTBER XL Iy
. Lot . 12, Lot +
Pyramis eft figura folids, quzplanis conti-

netur,ab vaoplano ad voum punGum col- <
1e&ta, ' A

13. R
Pri{ma figuraeft folida,qu planis contines
tur, quorum sduerfaduo funt, & zqualis, &
fimilia,& parallela;alia vér parallclogram
ma. ' o8

j . 14, L "
Sphara eft figura, quz conuetfo circum qut
efcentem diametrum femicitculo conting-
tur,clim in eundem rurfus locum reftitutus
fuerit,vnde moueri coperar.

Aliter ex Theodofio. .
Spharjeft figura folida, fub vnafuperficie
comprehenfs, ad quam ab vno pun&o co-
rum,quz intrs figuram funt pofita , caden- -
tes omnes rectz linea,inter {¢ funt zquales,

. 1f. - .
Axis sutem fphzre eft , quiefcensilla linea .
‘re@a, per centrysm du@s, cigcum qusin (¢
micirculusconuerdtar.. - ‘
T e
Centrum verd Spharz eftidem,quod & f¢-
micirculi, L
D A .
Diameter auteih fphzrz et rea quadath
!in? per centrum duta, & viringue  fphe-
rzfoperficieteyminata,
o P g q s, v ls-com
F =N
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 §

Conuseft figurs, quz fub conuerfo circuny
quiefcensalterum latus eorum,qug reGum
sngulum continent, orthogonio triangulo
continetur, cum in eundem rurfus locum
illud trisngulum refticutum fuerit, vade
moueri caeperat,

Atque fi quielcens reGalinea zqualis fi
slteri,quz circum reGum angulum conuer
titur, orthogoniuserit Conus: finminor,
smblygonius: (i verd maior,oxygonius.

1

9.
Axisautem Conieft, quicfcensillare@ali-
' pea, circum quam t,riang_ulum vertitur,

. 20
Bafis verd Coni eft, circulus qui A circum
du@a linea re®ta defcribicur,

2L
Cylindrus eft figura, quz fub conuerfo clie
cumquie{ens alterum latus corum,qua re-
Gum angulum continent, parallelogram-
mo orthogonio comprzhenditur, cumin
" eundem rufus locum reftitutum fuerit 1l
Jud parallelogrammum, vnde mouericce-
peret. o . _
22,

- Axisautem Cylindri eft quiefcens illa reQa
linca, circum quam parallelogrammum

‘wertitur.
23.Bafes

A
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. 23.
Bafes verd cylindri funt circuli, 3 duobus
aduerfus latefibus,qu circum aguntur,de-
{cripu. ‘

24.
Similes coli,& cylinﬁri funt,quorum &axs
es, &bafium diametri proportionalesfune,

2s. .
Cubus hexandrum eft figura folida, que fulb
fex quadratiszqualibus continetur:

) 26. ] .
“Tetraedrum eft figura folids,que fub trian+
gulis quatuor zqualibus, & zquilateris con=
tinetur, _

) 2

O&aedrum figuraeft folida, qua fubo&o
triangulis 2qualibus, & 2quilateris conti-
netur, '

, _ 28.
Dedecsedrum figura eft folids,que fubdue
odecim pentagonis@qualibus, 2quilateris,
& =quiangulis continetur,

v, ’ 29: R

Eicofacdrum figuraeft folids, quefuberi-
angulis viginti @qualibus,& ¢quilateris cS-
tinetur.

: 30 .
Parallelepipedum eft figura folids,que fub

fex figuris quadrilatetis,quarum quz exad-
uerfo,parallelz funt,continetur.
' 31.Soll

Y N
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: Lo .
Solidafigurainfol iga dicitur inferibi, quan
do omnesanguli figurz infcriptz conftitu.
wntur,vel in angulis,vel in lateribus, velde
niq; in planis figura,cui infcribitur.
2. :
- Sollda figura folid= 3ﬁgurz viciffim circum
fcribi dicitur,quando vel anguli,vel latets; |
veldeniq; planafigura circumfcripte tan.
guntomnes angulos figur2, circum quam
defcribitur.
Theoremat.Prapo=
) fitiot.
Quzds reQz linez pars
in fubie®o quidemnon &
eftplano, quzdam verd
in fublimi.
" Theoremaz.Propo- & _-
fitio 2.
Siduz reGz linez (e mu
tuo fecent, in vono funt
plano: atque triangulum
omae in vno eft plano.

- Theoremna 3-Propo-
-~ fitio 3 ‘

Siduo plana fe mutudfe-

cent, communis corum 5 X
Fe&ioeftreQalinea.

Al
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‘n\!oremag Propo- }

fitio s
SireQalines, reQis dus- A, c¢
bus lineis fe mutud fe- '
cantibus, in communife § K
&ione ad re&osangulos
infaftat:illa,du&o etiam =& a

peripfas plano, ad angulos reos erit. -

Theoremay. Pyopo:
fitios.
SireQalinea, re&ls tribus fi-
neis fe mumb tangcnnbus,
incommuni feGione ad fe-
&os angulosinfiftat:illz tres
re&zin vnofunt plano.
Theorema 6. Propo» &
fitio 6.
Sidoz reGglinegeidem
planoad reos fine afi-~
ulos:parallelz eruntil.?
zreQe hnez

Theorema . Propo-
fitio7.
Siduzfint parallelz re-
&elinez, in quarymv.
traq; fumpta {int quali-

bet p un&2sillalinea,qug € 3
adhzcpupdraadinngicur,in codem eft cim
parallelisplano, Theo-
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“Theorema8.Pro-- . - x
. pofitio8.
Siduz fint parsilelz re-
&z linez, quarum alte-
ra ad re@os cuidam pla-
no fit angulos: & reliqua
¢idem planoadreCosan
los erit. ‘
Theorema 9.Pro-
3 Po‘itio 9. .
Que cidem re@z linee
funtparallelz,fednonin
codem cum illaplano:hg
quoque funt inter fe pa-

raliele, €K i‘(

Theoremaro. Piopofitio 16.

SiduzreGzlineg femu B

tud tangentes ad duasres ¢ .

&as fe mutud tangentes | G

fintparralielz, non auté E? ?%

in eodem planosillzan- .
»

gulos zquales compre-
hendent: L ‘
Problemar.Propo= F - R
. fitio n1.
A dato piin&o in fubli- g
mi,ad fubieGum plant
ndicularem fe¢
ineam ducere.

AHR
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Problema 3. Propoe D

.. fitio. 12
Pato plano, a pun&o, quodinillods-
tum eft, ad re&os angulos re&am li-
neam excitare. A

" ‘TheoremsirPropo-
, ﬁ'.io 13 . ) ' a
Dato plano,2pii&to quod B

inillo datum eft, duxre-
&zlinezad re&osangu-
losmon excitabuntur, ad
cafdem partes. A E
Theorema 12. Propo-
fitio14.
Ad que plana, eadem re-
&a lineareQa eff;illa funt

_parallels, h "é?
~ &

Theorema 13. Propofitio 14,

-

-y - -

$iduzre&elinezfemu.
tuo tangentes,ad duasre-
&as fe murud tangentes-
fintparallelz,nonin co. 2
dem confiftentes planot K

arrallela funt, qua per 0"& F
llssducumtur,plana, 7

M “Theos
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eorems 14.Propo-

; firio 16.
¢ St duo plana parallela
plano quopism fecentur; &
communes illorum{e@i | £
ones funtparallele.
Theorentaf. Propo-
fisio17.. A C
Siduz re&zlinez paral—r =
lelis planis fecentur;inea x
dempproporuones feca- R-lﬂi ¢
buntur. : M Bo N

Theorema 16 Propo- ‘
fitio18. p ¢ KX R
Si reQa linea plano cui- |
piam ad reGtos fit angu- ,4&? 4
losiilla etiam omnis, que .
peripfam plans,ad rectos B
eidem plano angulose-¢ ¥ B
runt. . "
Theorema19. Propo-
fitio 19,
Siduoplana fe mutud fe-
cantia, plano cuidam ad
rc&wsfntangﬂos com-
munis etiam illorum fe
Qioad reQos eidem pla B
noangulos erit,
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’i‘bdoreﬁn 18 Pro g
-+ fitiozo, P (\,@? Q%”
Siangulus folidus fubpla

pis' tribus angulis conti-

neatur : ex his duo quili-
bet vtutaﬂumpti,temo& ‘

funt maiores.

fitio2r.

Solidus omnis angulus
fub minoribus quim re-
s quatuor angulis pla-
nis, continetur,

Theorema 2a.Propofitio 22.
Siplani tres anguli 2qualibus re&is conti>
neantur lipeis, quorum duo vtlibecaffum-
ptis tertio fint. maiores; tnangulum confti-
tui poteft o

ex lineis
&quales,
illas re.
&ascon-
mngentl-

Problema ;. Propofitio 23.

Thearema1g, Propo- %

Explanistribus anguhs,quomm duo,veli-
- betaflumpri, tertio fint maiores, folidum
M 2 angu-
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sngulumconttituere. Oportet autem illos
tresangulos re&is quatuor effe minores.

h . § E H L R
¢ Do ¥FG K L
E H
/\ \
cD ¥F G- K

Theoremaz1.Propo- L X
- C

ﬁtio 24
B

A

Sifolidum fubparallelis B

lanis contineatur; ad- Z ,
uerfa illius plana, funt
perallelogramma, fimi- | _
lia, & 2qualia. 9

Theo-
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X \’%
‘Theorema 22. Propo. ¢ T~ 7"
fitio 25. e
>3 »
N o
R
Si folidum parrallelo- A3 A
. ! y
pipedum, feu parsllelis E e
planis contentum pla- F
no fecetur,sduerfis pla- |, o
nisparallelo:eritquem |y ‘=,
sdmodum bafis ad bas » '
. fim, ita folidum ad fo- 5S¢
"~ lidum, el 2
Problema 4.pro
ﬁtiotg. i A Y
Ad datam re@am lines,
elufque pun@um, angu- 5
" lum folidum conftitue-
re,folido angulo dato =
qualem. K HF §
Problema 5.Propopofitio 27,
A dara 1
re&ali- " - =
nea, da- - )
to foli- ﬁ( . |
dopa- K L} ﬁ
n"e"’ < . l
planis A B

comprehen(o, fimile, & fimiliter pofitum
folidii parallelis planis contentii defcribere.
M3 Theo-
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| Theorema 23. Propofitio2s.

S$i{olidum parallelisplanis comprehenfom
du&oper sduerforum planorum diagoai+
oS pia- B :
no, fe.

< N\,
Gum ' ‘9%
fis- 1ud ‘:&(
folidi “C N ‘ s

plino
bifariam fecabitur,

Theorema24.Pro-
pofitio 29. N X.

Solida parallelspipeda, o

feu parallelis planiscé- 1 ....—V o
prchenta,qua fuper ean ' .
dem bafim, & in eadem -
funt altitudine,querum '
infiftentcs linez in ij-
dem collocantur re&is G ]
lineis : illa fugt interfe /e
equalia. '

. RN

. A

‘Theo»
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Theoremaaf. Propofitio 30.

Solida parallelis planis circumfcripta, qua
fupereandembafim, &in  ~ N
eadem funt alitudine , /., 4

quorum infiftentes linez; £
noninijldem reperiuntur | |9 E
reQtis lineis; illafunt inter r/[: Ao
fczqualia’ 7 =~ x

A <

Theorems 26, Pwpb; |
ﬁtio 3 ‘e

$olida Parallalelis p‘ank N circumferl
QuZ fUPer gqujlibus bafibus, & in ea
fuﬂt . d y y -
altitue »
dine: 9
Equs- 8 a5 BT
lia funt &
inter

-
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Theoremazy. Propo- .
fito 32,

Solida parallelis planis circumferipta,, que
eiufdem ! . Py ~

funt alti- "‘
o * !ﬂ’
Y

bentin-

ter fepro
portioné, A
Quam bafes,

Theorema zs.Propo-
fitio 33

Similia folidapa
sallelis planis cir
cumfcripta ha-
bentinterfepro
portionem ho-
mologorum lew
terum triplics-
tam,
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Theoremazg. Propo-
fitios4. :

Am‘- F

rumbs- ¥ B
fes,cum ;\
altitudi
pibus 7 T N A
recipro

L
cantur, H

P
Et {oli- %
dapa-

o /| T:;é@ “
conten- \ )/j' \

Pw Cop

Z

fes cum altitudinibus rec:procanmr 1
funt zqualia,

Theorema se. Propo.
- fielogyg

Siduo phni fine anguh zquala quorum

My ver-



3¢ EVCLID. ELEMEN. GEOM.
vertibus fublimes re@z linez infiftant,
quz cum lineis primo pofitis angulos con-
tincant zquales,virunque verique:in fubli.
mibus autem lineis quzlibet fumpea fint
pun&i, & ab hisad plana, in quibus confi-
ftunt angnli primum pofiti, ductz int pr=
penpendiculares ; ab earum verd pun&is,
quzin phnis fignata fuerint,adangulos pri.
mum A D.
poli-
tos ad
ica
fine
reGx :
linexy / - ~ N\
bz cum {ublimibus 2quales angulos coms
prehendent. :
- Theorema 1. Propofitio 36,

SQ};O'- o : ' A W
tres /\ ]\ |
linez. . n \ - -
fine 9 X ..
pron [\
yorti- E . F i M

onales;quod ex his tribus fit folidum paral-
lelis planis contentum, zquale eft defcripto
3 medialinea folido parallelis planiscom-
prehenfo,q10d 2quilaterum quides fit,fed
pniediGo gquigngulum, [ -

o .. ' Theos
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Theoremasz, Propofitio gz,
SireG= quatuor linez fintproportionales,
illaquoquefolida parallelis planis conten-
ta, que abipfis lineis & fimilia & fimiliter
difcribuntur,proportionalia crunz, Eefifo-
lida parallelis planis comprehenfa, que &
fimilia & fimiliter defcribuntur, fintpro-
portionalia; illz2 quoque reG= linez pro-
portiomaleserunt.

A—-————Z ¢ " ¥ E
Theorems 33, Propofitios3.
Siplanum ad planum reGum fic; &iquo,
dam pun&o eorum, qua
in vno funt plmorum » ‘
perpendicularis ad alte Lp
rum plapum duafit: il- L)L
1a,quee ducitur perpendi. \/
cularis , incommunem \ F

~ cadetipforum planomm

fe&ionem.
Theorema 34. Propofitiosg, -

Siinfolido- pmlleluplm;; circumf¢ripto,
aduerr

d
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sduerforum planorum lateribus bafatism
feQis, eduafint | X ¥
per fe&iones pla- ,
na;communisile > A\ r
lorua planorum
fe&tio, & folidipa N T
rallelis planiscir- g NE:
cumf(cripti  dia- '
~ meter, fe mutud °\ K A
bifariam fecabut. A N >

Theorema 35. Propofitio 4o,

Si duo fint zqualls altitudinis prifmats;
quorum hoc quider bafim habeat paralle-
logrammum illud verd triangulum ﬁt au-
'éf“ P‘ » 2 A

tal!elc: / an :
rammi F

fmng)lt \\ a8
duplum: B N

ilta prif ;- > 4
mununtzquaha.

=

FINIS ELEMENTI XL
EVCLL




EVCLIDIS

ELEMENTVM

' DVODECIMVM
' ET SOLIDORYVM
. feucndum.
Theorema1. Propofitio 1,

Similia,que funt s cu-cuhs polygons, pre=

rtioné

abentin.
terfe, qui
defcripta
adiame-
tris qua- —
drats.  Theoremaa. Propofitio 2,

D

O E
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Circulj eam inter fe proportionem habert;

quim defcriptad diametris quadrata.
Theorema 3. Propofitio3.

Omnis pyramis trigonam habens bafim, in

duss diuiditur pyramides non tantim 2qus

les & fimilesinter fe,(ed toti etiam pyrami-

difimiles, quarum trigo. .

nz funt bafes ; atqqu in <% X

duo prifmata zqualia,

quz duo prifmatadimi- y,
K.
B "~

dio pyramidis totius
funt maiora.
Theorema 4. Propofitio 4.

81 duz ciufdem altitudinis pyramides tri-
gonas habeant bafes;ficautem illarum vtra-
quediuifa & in duas pyramidesinter fe2-
quales, totique fimiles; & in duo prifmatd
sequalia; Aceodem modo dividatur verags
§yramidum, quzex fuperiore divifionena
tz funt; idqueperpetuo fiat:quemadmods

‘ 6 7 e £ > v

. fe habet vnius pyramidis bafis 4d alterius

pyramidisbafim; ita & omnia, quzin vna
' pyr
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pyramide,prifmats ad omnia,que inaltera
pyramide, pri{mata multitudine &qualia,

Theoremas. Propofitiof.
Pyramides ciufdem altirudinis,quarum tris
gonz {unt bafes;eam inter fe proportionem
habenr,quim ipfx bafes.

) c E¢ -
X £}
“Theorems 6 Propofitio 6,

Pyramides eivfdem alti-

tudinis, qu:rum poO'ygo

naz funt bafes, ear inter
fe Proportionem habent
quam ipfe bafes.

‘Theotema 4.Pros ,
polito7. E
Omne prifmatrigonam
habens bafim, diiditur
in tres pyramides incer
fe zquales, quarum tri-
gonx funt bafes. B A
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Theorema 8.Propofitio 8.
Similes pyramides, quz trigonas habent b
fes in.
tripli-
cata
funt
homo
logo. B
. rum
laterum proportione.
7 Theoremag. Propofitio 9,
Aequalium pyramidum , & zrigonssbafes
habentium,reciprocantur bafes cum altitus

dinibus, Et quarum pyramidum trigonas
bafes

habé-
tium
recis
pro-
citur
b‘fcs 3 [ P
cum altitudinibus;ille funt 2quales,
- Thceoremao. Propofitio 1o

M
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esndem cum ipfo cono bafim habentls, &
altitudinem zqualem,

Theotema 11, Propoe
fido 11,

Coni, & cylindri eiufdem aldeudinis, eam
incer feproportionem habent,quam bafes,
‘D " N

Theorems 12. Propo-
ﬁlio i2e

Similes conl,& cylindri, triplicatam habér,
inter feproportionem diameworum , qua
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" Theoremars. Propo~
fitio 13.

si cylincfn;s phno foltus fitad- "
uerfis planisparallelo: Eritqué- .
sdmodum cylindrus ad cylin-

drum,itasxisadaxem. . @
C
T
&

Theotema 14. Propo-
fitioxg.

Coni, &

cylindri, @ :

quiina, ;

qualibus =

funt bafi-

bus;eam /L-\ 5
habent in \

ter fepro- /
pottioné,

qQuamal-

J

- timdines. B(- M
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o Theoremas. Pr&poﬁdoxff
.Aequalium pqnomm.&qlin&omm befes

cum altl.
tudinibus »

cum alti
tudinibus
reciprocd
tur;illi

- ﬁmxcqu'al'es-.

ot Problemir, Propo.

fitio 16,

Dueobus ditculis circa idem centrum exis
ftentibys, in maiorecir-
<ulo polygonum 2qua-
lium , partumdue late
rum infcribere,quod mi
norem crculam ponti-

13
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Problema 2. Propefiory.
Duabus fpheris circa idem centrum exfi-
fentibus,in maiori fphars folidum polye
.drum infribere, quod mkitoris fpherz for
perficiem non tangat.

' Theotemar¢.Propofitio 8. _
Sphzrainter fe proportionem habent ﬁu'
rum diametrorum triplicatam,

) ) |

FINIS ELEMENTI XiL |

’



EVCLIDIS
ELEMENTYV M.

DECIMVM TERTL

VM, ET SOLIDORVM

tertium.

Theorema1. Propofitio 1,

$i reQia linca per extre-
mam & thediam propor-
tionem feQa fir; maivsfeg
ment( , quod totius linez
dimidium affumpferic,
quintuplum poteft eius,
quéd totius dimidia de-
fecibitur,quadeatl.

s

X
) -]

“

Theorema 2. Propofitio 2.

Sire®alines Tut lpﬁus fe-
gmcmi quintuplum pof.

t, & duplafegmenti hu-

fus linea per extremam&
mediam proportionem
fecetur, malus fegmeo-
tum reliqua parseitliniz
primimpofite.
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‘TheptemagPro-. , ¢
pofitios. 17 R
SireQalincaperextre | G-

xX . M '
mam & mediam pra- 1 /% '
portionem fe&a fit; u SR B
minus fegmentum , //
quod maioris fegmen = 1 s E
tidimidium affumpferit, quintuplum pe-
teft civs, quddd maioris fegmentidimidie
defcribiur quadrati, , )

Theorema 4. Propofitio 4.
$i re®a linea per extre- 5 c B
mam & mediam propor |
tlogem feQafit: quadin
tots , quodque A mino-
ref{egmento,fimul vere-
que quadrata,triplafunt
eius, quod A maiorefeg- 1
mento defcribitur , quadrati,

Theorenms.Propa, '.
ﬁﬁdfq l,

§i ad re@am lineam,
quz per extremam& 7
mediam proportioné
fecatur,adiuna fital- % HT
tera fegmentp maiori ﬁb
equalis:tota hec lines :
reQaperexcremam & mediam preportio-
: necm
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e fels; efldue mainsfegmentumreGa,
linea primim pofita. B

" Theorema §. Propofitio 6.

$i reQalinea pari, fiue rationalis, per extre-’
_mam & mediam proportionem fi&a fit;
virunquefegmentorum A C B
é‘;p;,ﬁuzir:’httiomlis, T—
ligga,que diciturRe - -

ﬁdut&umomc. R et
. Theorema7. Propofitio ‘
Sipentsgonimquilate- ' A
ritres fint@qualesan-
zuli,ﬁuequ‘deinccps, ,
uequi son deinceps ~
fequuntur: illud pen-

tasgonum erit @quia

gulum. -

THoremas. Prepo-
fitia3.

$i pentagoni @quilateri,& zquiangu'iduos
qui deinceps fequuntur,
angulos re&= fubrendit:
lineg;ill¢ perextremam
& mediam proportio-"
nem fe mutud fecant; ea- - =
runuiue maiorafegmen.
1a,ipfius peatagoni lateri
funtzqualia,

N 4 Thean
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Theorems ¢.Propotitiog, -

S latus hexagoni,&!latus
decagoni cidem circulo
infcriptorum compofita
fint; tota re&a liney per
extremam & mediam
proportionem feQa eft; °
eiu{que fcgmentum ma-
fus, eft hexagoni latus,

o
Theorema1o. Propofitio 10,

§i in circulo pents
gonum 2quilacerd
infcriptum fit; pen
tagani latus poteft B
& latus hexagnni,
& latus decagoni,
tidem circule ine
feriptorum,

Thearemart. Propofitio s,

Silncirculopyriv, feura. A

tionilem diametrum hs.

bence, inferiptum fiepen.- B,

tig num quilaterym;

rnugoni latusirrationa-
is

eft linea, que vocacur :
minor, s BT




pmpbwrened A

meter potentia X \
dupla fic)ateris 1-- Gﬁf@ . ‘y
- plius o&aedri ‘

LIBER XIL =~ sos
Theosema 12, Propofitio1s.)

Stin eirculo infcriptum
fit triangulum ®quilate-
rum; huius trianguliJs-
tus potentia triplum eft
elusline®,qua ex circuli
centro ducitur.

Problemu Propoﬁuon;. e
midem conftituere; & data (pbmc&
pleQi:stquedocere quod illiusfphera dig-
meter potentia fefquialsbda fit fupddpﬁm'
pyramidis,

TSNS U IO 9E LTS I DS
Theotema 2. Propofitio. 14.
O&aedrum con- -
fticuere, eag; fphe Q;z_b
£a, qua pyrami- ‘\

dem, comple&ti;
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+ Problemaj, Propo-

fitio s, ‘
Cubum conflituere; esqus fphera, quade |
fuperiores Bgures completis atque doce-
requod ‘p- N
illias
fpharm L
dhnu- ’ L
terpo~ b )%fb B
tedtia ‘
wipla e
fic lateris ipfuscubl.
T Problema 4. Propo-
r . t . ) ﬁdo “o
Icofsedrum conftitugre; eademduefphers,

. gua &antedictas figuras, compledt; atque
: probare,quod illius Icofaedri latus irrasio-

“ Malisfi; Lines,quee vocatur Minor,.
| SEC

o

NS

NN

.’\ a1y "
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Problemay. Pro- E x B
pofitior7.

ré;eademquefphara, qua
& anteditas figuras,com g,
pledi;atq; prabare qued
illiusdodecaedrilatusir- |

R
~

trationalis fit linea, qua v
vocatur Refiduum , fey
Apotome, ; »
ProblemaéProper .
SR T S
quin |
que :
figu. 4‘
© rard B W \
late- \V‘/
BPp XK c o -
pong o p——"°
re, & inter fe comparate. )

SCHOLIVM, .

Interpretes boc inloco demonflyant, presey

 diBes qhimque fignrss , now poffd aliam conflitai fi-

guramfolidam , qus explavis & equilateris & <4
quiangull ponpueatnr gnser fo equhlibm.”
. Nes



‘Nonenim ox duobus tyiangulis , neque ex alijs
duabus figuris , folidus conflituirur angulus;cioms fab
semtres anguliplani requirantnr ad folidi anguli
conflicutionem. .

Bxtribu antemtriangalis aquilaseris mn!ag :
pyramidis angule. °

Bx guatsior angnlug, Oftaedri.

Ex quingue angulw, lcofacdri,

Namextriamgulis, fex & aquilaters & equi-
 angulis ad idem punclum coeuntibus, nom fiet angn-
I folidus : coom emim triangwli equilaseri anguls,
redi vniss beffem (hoc eft dusi tertias partes:) cie
tineat erumt eisfmods [ex anguli recti quataor o-
guales. Quod fievinonpotefl. N am folidm omnis
angwlw minovibws , quam reétis quatwor anguls, -
continatur; per propef. 21 lib.se. _

Multd 100 minws ex piuribus, quam [ex plasnis
sisfimodi angulss, folidws anguls conft abit.

Sed ex tribas guadrass, Cubi angulus continee
gy :
Ex quatwor antem qudvatm, nullus dngulss
folidws conflasipotef. Rurfrmenim redi quatver
avumt. Mulcd erge minws expluribm,quim quaruor
eisfimodi angulu folrdus argules confiabix.
Ex tribus autem pentagonk aquilateris, G &
qiangnlis, Dodvcaelri angulus contimersr.

. Sed ex quarnor buisfmod: angulis , null foli-
dws angulms conficiparefl. Ciom enimpentagomie-
golateri angulmsreBtm fit , & quintaredpars e
riine guasser angulsrelis quassor majores. Q;‘;od

t v ‘ R




, LIBER .
Foinyuit, Neg fun ex olijs I]gnﬁ j&u&{o&-
dos anguins'continebi 4y quod binc qnoqu dﬁlr.
dum fequatur,

Quuamebrewi per[picwum qf,pwer d:&a qmn-

que figuras aliam figuram folidam non poffecon-

i, quaex plank equilatéric, & equianguly
‘:nm f¢ aqualibmcontineatnr,

Vid.Theon p.244. lr’P.cim’spén.
FINIS ELEMENT] XIL

wvas



EVCLIDIS

ELEMENTV M

DECIMVMQVARTVM ET

SOLIDORVM QVARTVM, VT QVIa
" dam arbitrantur; Vtalij verd, Hypficlis
Alexandrini, de quinque corpo-
ribus.

LIBER PRIMYVS.

Preammijum Hypficlis Alexandrini ad pro=
tarchum.

% Afilides Tyrius,Protarche , Alexandri-
%W am profeéus, patrig, noffro ob difcipli-
"&"f} 85 1 ma facieratem commendatus, longifime

it peregrinationis tempore cam eo vevfa-
tueff.Ciig, dffererent aliquandede firipta ab as
pollonie jcomparatione Dodecacedri, & 1cofaedri
sidem [pharainfcriptorumy quam bac inter fé ba.
beant tasionem, cenfuerunt eanonredle tradidiffe
Apollomium;que 4 fe emendata,vs depatre audire
eratliterisprediderunt. Ege autempofteaincidi
in alteram librum ab Apollonie edituns,qui demon
frationem accuratd compleceretur dé e propofis
ta, exeinfg, problematis indagatione magnam e-
quadem caps voluptatem. 1llud cevré ab omnibm
perfpuci poteft.quod fcripfit Apollonis,cum fit in o<
mneum manibus, Quod autem diligenti , quantam
songcere lices,findso nos poflea feripfiffe videmenr,

. id mo~

|
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' LIBER ¥1IL P
womkmentis confignatum tibi dedicandum doe
s ; vt qui felscirer comm in omnshons difeiplinis,
Sumvelmaxime in Geometria verfatis, [cité ag
prodenterindices ea,que dilluri fumm ; Obeam

" verd,quatiki cum pasye fuit , vita confustudinems,
gag', nos compleeris, benenolentiam 1y a8 atio-
 wemn pfam libenter andias.Sed iam tempes oft , w2
prowenisom finem facientes,bavc (ytaxie aggrodio
. Theotema 1. Propofitio 1. :
Perpendicularislines, qua ex circuli cuiuf- -
piam centroin lstus pen. , ‘
tagoni ipfi circuloinfcris 4
ptiducitur; dimidiaeft v-
~ griufque fimul linez, & ¢-
ius,qua excentro, & late
risdecageniin ecodem cir
culo inicripti.
Theorema .. Propofifio 1.
Sibin@ re&tzlinez extrema, & media pro-
rtione fecentur; ipfz fimiliter fecabun-
tur,in ea{dem fcilicet proportiones. ‘

: Theorems3, Propofitios, .

8i in circulo pentagonum gquilaterum in-
fcribatur;quod ex latere pentagoni; 8 qued
ex &3, qu binis lateribus pentagonis fubten
ditur, reQta linea s vtraque fimul quadrats,
quintuplafuont eius,quod ¢x fe midiamerro

defcribitur, quadrati.
: K Theo-
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Theorema 4. Propofitio 4.
Si latus hexagoni slicuius circuli fecetur
extrems,& medis proportione;maius illtus
fegmentum erit latus oni eiufdem cir-
culi.
Theorema f.Propofitio 5.

' 1dem circulus comprehendit, & dodatse:
dri pentagonum, & icofsedri triangulum,

- eidem fphereinfcriptorum.
"N o A~ T8

M——’."—cx
D e

Theorema 6. Propofitio 6.

Sipentagono,& zquilatero, & zquiangulo
circum{cribatur circulu.;ex cuiuscentroad
vnum pengigoni latus ducatur linea perpé-
dicularis: Erit,quod fub diéto latere, & per-
pendiculari condnetur,re@angalum trige-
fies fumpcum , dodecaedrifuperficici zqua-
le,
Theoremay. Propofitio 7.

Si ex ggntro circuli triangulum icofaedd
. cire
" re
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trcumfcribentis, linea perpendiculasis due
caturad voum latustrisngeli: Erit, quod
fub di&o latere, & perpendiculari compre.
henditur, reGangulum trigefies fumprum,
Icofaedrifuperficiei®quale.
Theorema 8. Propofitio 3.
Re&angulum contentum fubtribus quar-
tis partibus diametri alicuius circuli; & fub
quinque fextis par:ibus linez fubtendentis
sngulum pentagoni zquilateri in eodem
sirculo defcriptizquale ct diGopéragono.
, Theorema 9.Propofitio .
Superficies Dodecaedriad fuperficiem Ico< |
faedri, i§ eadem fpbare defcripti, eandem
mponionem habet, quim latus cubi ad
Icofaedri.

i
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- , Caubilatus, )
E .
Dodecaedri,latus,
P—.—
Icofaedsi, latus,

Theosemao.Propofitio re.
8i reQa linea fecctur extrems, & media pro-
portione; Erit, vt re&a potensid, quod
dtota;8id,quod 2 maiori fegmento, ad re-
&am potentem id,quod A tota, & id,quod
minori fegmento; Ita latus cubisd latus i-
cofaedrijin eadem fphra cum cuboinfcris

Theorema 11. Propofitio x1.

{ Dodecaedrum, ad Icofsedrum in eadem
cum iplo fphzrsiofcriptum, eft, vtcubi la-
tus,ad Icolaedri latus, in voa cademq; (pha-
ra.

Theorema 2. Propoficio 1a.
Latustrianguli 2quilsteri potentia fefqui-
tertium eft linez perpendiculsris ab vno
angiload latus oppofitum,feu bafim,dedu-
&a.

Theorema 13.Propofitio 13.
Sifphera (duo folidacorpora, Tetraedram
& O&iedrum circum(cr bentis:) diameter

“fueric Rationalis : Erit tam fuperficies
Teuracdri,quam O&aedri in cxfphzra me-
dis. - ) Theo-

AN
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_ Theorema14. Propoefitio 14. -
$1 Tetraedrum, stque o&aedrum in eadem
fphara infcribantur: Eric bafis Tetraedrd
fefquitertiabafeos OQaedri; Superficies au-
_ tem OQ&aedri fefquialcera fuperficici Teus
edri.
Theorgmarg. Propofitio 1. °
ReQs linea exangulo quouis tetragdri ia
fphzrainfcripti,per cevtrum fphere duttag
-cadit in befeos oppofite; eftq; perpendicue -
Jarisaddi®ambafin.
Thearema 16. Propofitio1s.
O®&aedrum in fphzrainfcriprum, dividitur
in duss pyramides ¢quales,& fimiles,equs-
lium alticudinum,balis vero viriufque py-
ramidis eft quadratum fubduplum quadra-
tiquadrati diametri fpharae.
, Theorema 17. Propofitio 1.
Tetrsedrum fphzrz impoficem ad Ol
edrumin eadem fph2ra defcriptum, fe ha.
bet,vt re@angulum fub linea potente vigin
ti feptem fexagefimas quartas partes quadra
«ilateris tetraedri; & fub linea conunente
o&o nonas par-es eiufdem lateris, compre-
henfum,ad quadratum diametri fphare.
Theorema 1§. Propofitio18.
Lines perpendicularis ex quolibet angulo
eriangulo zquilateriad bafin oppofitam de 7
mwiffs;triplaeft elus perpendicularis,quz ex
centro trianguli ad eandem bafin deduci-
tan Q 3 Theo-

hY
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Theorema 19. Propofitio 1 9. |
Si O&sedrum fphzrz infcribatur; erie fe-
midiameter fphzraz patentia tripla cius per-
pendicularis,quz ex centro fobzraad bafis
quamcunque O&aedriducityr,

Theorema 30.Propofitio 20. .
Duplum quadrati ex diametro cuiufliba,
fphzradefcripti, 2quale cft [uperficiei cubi
in illa fphzra collocat’:perpendicularissu-
tem 3 centro fphzrz in aliquam bafin cubl
demiffa, 2qualis eft dimidio lateris cubi.

Theorems 21. Propofitio 21.

Idem circulus comprehendit, & cubi qus-
drstum, & O&aedri triangulum, ciu(dem
fphzre.

Theoremaz:2.Propofitio 22.

Si O&sedrum, atque Tetraedrum eidem
fphar2infcribantur;Erit OQaedrum sdtri
plum Tetraedri, vt latus OQaedri ad latus '
Tetraedri.

Theorema 23 Propofitio 23.
SireQalinea propofirs potuerit totamafl
quam lineam fe&am extrema, & mediar |
tione, & maius eius fegmentum;{tem totsm
aliam fimiliter fe@am,&minus eius e
tum: Erit maius fegmeatum prioris lines !
latus Icofaedri; minus autem fegmentum
pofterioris line latus Dodecaedrl, eins |
{phzrz cuius re@a linea propofita disme-
ser cxiftic, v . L
' Theo.
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Theotema 24. Propofitio 24.
4 St]atus O&aedripotuerit maius, & minus
. fegmentum re&izlincz extrema, acmedia .
; rationefe&z: poterit latus Icofaedriin ew-
dem fphara defcripti, duplum minoris feg-
mdo . ‘
j . Theoremazs Propofitio 2f.
; Sireftalineadiuife extrema ac media rad-
; onecum minore feg nento sngulum re@d
conftituat,cuire®a fubtendatur:Eritreéta
" linea, quzpotentia fitfubduplaipfius reGz
fubtenfz,latus OQaedricius {phera, in qua
diGum minus {egmentum latus exifticdo-
decaedri.
Theoremaé. Propofitio 6.
Silatus Tetraedripofiat matus,8 minus feg
mentum linez re@z extrema ac mediara-
tione fe@z: latus Icofaedri eidem fphzra
inicripti potentis fefquialterum eft minoris
ti.
- Theorema 27. Propofitio 2.
Cubus ad O&sedrum in¢adem cum ipl?
fphzradefcriptum, eft, vtfuperficies cubi
ad O&aedrifuperficiem-item vt latuscubi
ad femidiametrum (phzrz, :
Theorema 28 Propofitioa8.

Si fint quatuor linez re& 2 continuz pro«
portionalis, necnon & aliz quatuor, ita vt
fiteadem antecedens omnium: Eritpropor
tio tertiz ad tertiam proportionis fecund2

O3 adfe-
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ad fecundam duplicata;& proportio quartg
sd quartsm eiu{dem proportionis fecand=
adfecundamriplicats, .
Theorema 29. Propofitiozg.
Quadratum lateris trianguli equilateri ad
ipfum trisngulum habet proportionem du-
plicatam proportionis lateris trianguli ad
lineam medio loco proportionalem inter
perpendicularem ab vno angulo ad latus
oppofitum du®am, & dimidiumipfius la-
teéris. '

Thenrema 30, Propofitio 3o.
Sicubus, & Tetraedrum in cadém fphars
defcribantur; Erit quadratum cubi ad trie
angulem Teirsedri, ve latus Tetraedriad

lineam perpendicularem,queex vno anga.

lotrianguli Tetraedri ad latus oppofitum
protraharur. :
 Theorema 31 Propofitio 3¢

Latus Tetraedri potentia fefquialterumeff

is, feu altitudinisipfius; Axis verd,fiueal-
titudo Tetraedri potentia fefquisitera eff
lateris cubi in eadem fpheradefcripti,
Theorems 32. Propofitio yu.
Cubus tripluseft Tetraedri cidem {phzrs
{nfcripti. .

FINIS ELEMENTI XIV. |
EVCLL-

I



: EVCLIDIS

ELEMENTVM

DECIMVMQVINTVM ET
SOLIDOPRYM QVINTVM , VT N O Ne
nulli putants Ve sutem alij, Hypficlis*
Alexandrini, de quinque corpo-
‘ ribus,

LIBER II, .

Problems 1.Propo-
ﬁ tio | 68 :

In dato cubo pyra- |
midem ( Tetrae.
drum infcribere.

Problemaz.Pro-
pofitioz.

In data pyramide

O&aedrum infcri-

bere. :
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Problema 3. Pro- & X
- pofitiog.

In dato cubo: Che-

3sedro) OBasdrd »
infcribere,

Problema 4. Pro
fitio 4. pe

In dato o&aedrq Cllbﬁ
jofcribere. -

Problems f Prc;c
pofitio 5.

In dato Icofae-

dré dodecae-

drum infcribes
b (A

“.,
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SCHOLIVM EX ZAMBERTO
~ * Jibiag:propoky.p.260, ’

" prEwiniffe deces, f quis nos voget, quot Ico-
fasdrum babeat lateva,itarefpondendum
¢ffe.: Puter Isofacdram vigmsi comineri

sriangulis quedlibes yerd triangulumvelin tribin
o5 com-

—
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conflarg lintic, Quare multiplicand s fine wobs 952
v4 figwra SNt triangslaintrianguls vnim latera fiumg, fe-
inmenien xaginta, quersm dimidiumeft trsginea,  Ad eune
dem modum ¢ inp dodecaedro. Cam enim rurfum
duedscim pewsagena dodecacdrum compreben-
dang , itemg, pentagonum quoduisredis quingue
conflet limess ; quingue duodecies multiplicamms,
fiunt fsxaginta, querum rurfus dimidium off rrie
ginsa,5od cur diniidium capimus’ Quoniam vium-
quedgug [atw fine fit erianguls fiae pentagoni five
quadyati Ve im cube, iterato fumtuy. Similiter as -
tem cademviacy incwbo, ¢ imtetracdre ¢rin
. olbacdre Latera suuemies.
5i flgwa  Qudd fiivems velis fingularum queque figuraram
imemen angulos voperive fa&a eadem multiplicatsone,nk-
mersm procreatum partive in mumerum plane.
TN, gRA VAN [olidrs angulum includunt : v
quoniany trianguly guinqgue vnum 1ce(acdri angs-
lum cantinet parcwre So.:n quinque nafiuntur du-
odecim anguli Icofaedrs. 1n dodecacdro auremiria
pentagona angalum comprehendunt , partire ergo
6o intria, & babebisdadccacdri angulow viginii
asque fimils racione 1w velsgun figuris angulos 106
peries, &e. '

Pmblemaél?r -
Guoé. ope

In dato o&iedre pygamid feutétrae-
drum defcriveze,

pfo-
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: Problema 7. Propofjtio 7.
In dato Dodecaedra Icofagdrum defceibes -
re.

Broblema 8. Propofitio 8.
IndatoDodecsedro Cubum defcribere, ;
. Problema 9.Psopafitiog. .
In dato D8decacdro OQaedrum defcribee

- * ' Problems1e.Prapofitioio. .
In dato Dodecsedro pyramidem defcribee
xe. _ :

Problema n.Propofitiorr.
- Indaeo Igefaedro Cubumdelcribere.

- - Prohlsma12. Propofitio 12. _
In dato Lcofaedro pyramidem defcribetes

... . Problemay.Propo-

fitioss,
In datocubo Dodecaedrum défcribere.
Problems 14.Propofitio 14.
Indato cubo dcofaedrum Jefcribere;

Problema)s. Propo
fiiong.,

I dato Icofaedro Quedrum defcsibere,

Problema 16.Propo-
fitio 1€,

In dato O&aedro Icofaedrum delctibe;::o.
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_ Problema19.propofitio is.
In dato O&aedre Dodecacdrum defcribe~
re. :

Prablema 8. Propofitioss.
Indata pyramide Cubum defcribere: hoc
eft,in propofito Tetraedro hexaedrum
HNneare. '
Problematg Pmﬁﬂo 9.
Indatapyramide Icofaedrum defcribere,
.~ . Problemaso. Propofitioze.
Indata pyramide Dodecaedrum defcribe-

fe. ‘ '
Problems 21.Propofitio 2t.
Indatofolido regulari {pheram defcriberes
boceft, Interprete Campano ; In fabricato
quouis quing; corporum regularium,.fphy-
ram fabricare,

FINiS ELEMENTI XV.

EVCLI.




i
p
kb

EVC‘L,IDi;é

.k
)

-

ELEMENT V. M
DECIMVM SEX.
TVM, BT SOLIDORVM
fextum,
Quovariafoliderumvegularinm bhi mutud inferd
proram, Cr laterum corsndem compar ationes ex-
Plicamtur, 2 Fransifio Finffate Candalla , & P,
Chriftopbore Clanio adtedam,&r de quen~
que corporsbms,

LIBER TERTIVS.
Theorema 1. Propofitior,

Iin Dodecaedro Cubus defcribatur, 8
S n hoc Cubo aliud Dodecaedrum : Erit

proportio Dodecaedri extetioris ad
Dodecaedrum interius proportionis elus,
quam habet maius fegmentumad minus re-
&z lineg diuifz extrema, ac media rations
triplicatss '

Theorema s. Propofitios,

Linea perpendiculsris ex quouissngulopés
tagoni &quilateri,& zquianguliinlatus gp-
politum demifla; fecaturdlinea re@aillum
sngulum fubtendente,extremaac mediare

tione. :
Theo-

y -

1
a
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" defcripti, proportiomem habet, quamy mie
nus fegmentum ad maius, eiufdem reGax li-
nea. .

Theorema 14.Propofitio 14, .
Latus o&aedri lefquialterum eft lateris pys
ramidis fibiinfcripta. :

Theoremas. Propofitio 1f.
§t ex quadrato diametri Icofaedri aufers-
turtriplum quadratl lateris cubi in eode-
fcripti ; relinquitur quadratum fe{quicerti
um quadrati lateris Icofaedri,

~ . Theorema 6. Propofitio 16.
LatusDodecaedri minus fegmentum eft re.
&z linez extremasc media ratione dinifze,
qu¢ duplum peceft lateris o&aedriineo des
feripti. :

» . Theogemary. Propofitio.r7.
Diameter Liofa¢dri poteft,& fuiipfius late.
risfelquitertium, & lateris pyramidis in ¢o
defcriptafefquialterum. .

, Theorema18. Propofitio 8.

Latus Dodgcaedri ad Icofaedri fibi infrips
silatus,fe habet,vt minus fegmentim linez
perpendiculanis ab vno angulo pentagoni
ad lawsoppafitum dule, atque extremas
mediaratione diuifz, ad partem eiunfdem lis
nezinter centrum pentagoni, & latus ciufs
dem pofir.
Problema g, Propofitiorg.
‘Sidimidium lateris Lcofaedri extrema st
* medis
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mediaratione feGum fuerit,minufdue cigs
fegmentum 2 toto latere kcofaedri fuble-
tum3 reliquaquoque re&a linespars rur-
fum tertia detra&a: Relinquetur latus De-
decaedriin Icofaedrodefcripti.

Theorema 20 Propolitio. 20.
Cubus fibi infcripte pyramidis tripluseft,

Theofema 21.Propofitio 21.

Pyramis fibi infcripd OGtaedri duplseft.

Theorema 12.Propofitiozz. :
Cubus fibi infcripti OQasedri fextupluseft,

Theorems 3. Prtépoﬁdo 23
OQsedtum fibi infcriptiCubi quadrupluoe
fefquialterumeft,

Theoremaz4. Propofitio g4. '
OQ&aedrum fibi infcripre pyramidis trede-
cuplum fefquisiterum eft.

Theorema 21.Propofitio 2f.
Pyramis fibiinfcripti Cubi noncupla eft.

Theoremaaé. Propofitio z6.
O&sedrum ad Icofaedrum fibi infcriptum
proportionem habet,quam duzbafes o~
edriad quinque bafes Icofaedri.

Theorems 27.P. 27,
Icofaedrum ad Dodecsedrum fibi infcrip-
tum, proportionem habet compofitam ex

. Eopordone lateris Icofaedri ad latus co-
in eadem cum Icofaedso fphera defcri-
fcripti ; & ex proportione triplicata sius
C am
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.lineam conira bafium Icolsedri oppofits
sum coniungentem.

.. Theorema 28.Propofitioa8.
-Dodecaedrum excedit Cubum fibi infcrip-
tum parallelepipedo. cuius quidem bafisd
quadrato Cubi deficit reGangulo contento
fub latere Cubi,tertiaque parte,minoris (e-
gmensi einfdem fateris Cubi : Atverdaltic
tudoab alticudine, fiuelatere Cubi deficis,
minore fegmento eiuslinez, quedimidia.

> tilateéris Cubifegmentum minus exiftic. .

. Theorema 29. Propofitio 39.

Dodecsadruin ad. Icofaedrum fibiinferip.
-tum ; proportionem habet compofitam ex
proportione triplicata eius, quam habet
diameter Dodecaedri ad reGam lineam
contra bafium Dodecaedri oppofitarum
pulantem;& ex proportione lateris Bubi o
Jatus icofaadri in eadem fpharacum Cubs
defcripti. o

- Theotema 30. Pgopo_ﬁrio 304

Dodecaedrum pyramidis, in qua defcribi- |
turyduas nonas partescontinet, minus duor
bus parallelepipedis ; quorum vnius longi-
zudo- lateri- Cubi in cadem pyramide de-
fcripti,2qualis eft; latitudo verd vertispar-

ti mi-
-
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tl minoris fegmenti lateris ciufdem Cubi;
whtitudo denique latere einfdem Cubi de-
ficit minore fegmento eiuslinex, qua di-
midiati lateris Cubi eiufdem minus fegmé-
tum exiftic: Alteriusautem & longitudo,&
latitudo lateri Cubi predi&i, eft 2qualis}
altitudo vero minus fegmentum eivslinez
quz dimidiati lateris Cubi eiu{dem fegmen
tum minus exiltitjics Ytamborumaltitudi-
nes fimul altitudini,fiue lateri eiu{dem Cu-
bifint 2quales. -

Theorema 31. Propofitio 31. )

OQaedrum excedi fibi infcriptum Icofae-
drum parallelepipedo, cuius bafis eft qui-
dratum lateris 1 cofaedri; altitudo.vero ma-
ius fegmentum femidiametri O&aadri ex-
trema ac medis ratione fe& =,

DE QVINQVE CORPORVM
" regulariom defcriptioneindatafphxra,
- “exPappo Alexandrino.: '

Lemma L

Datis duobus circulis in fphzra parallelis,
dataquein vno eorum lines re&ta;ducarein
altero diametrum huius FéGz date paralie-
lam, - - ‘ o

i } P a ’ Lems

o ol
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Lemms Il

Siin planis parallelis defcripti fint duo cies
culi,in quibus duz reGz parallelz abfcin.
dant arcus fimiles: Erunt dy= reGzcon.
fungentes extrema vnius reGtz cum centro
parallelz duabus reflis, quz extremaaite.
rius re@2 cum centro coniungaat,

Lemma [II.

Siin fphera fint duocircult paralleli, & 2-
quales, in quibus duct= fint du® rezpa-
rallelz, & 2quales,ad cafdem partescentro-
rum : Re@zharum parallelarum extrems

. punla ad eafdem partes coniungentes, -
‘quales quoque, & parsllele funt, &ad plans
circulosum perpendiculares.

Lemms 1V,

Siin fpharafint duo circuli paralleli, & =
quales, in quibus du&z fintdyz reQzpa-
rallel2,& 2quales, non ad eafdem partes cé-
trorum: Re&z linez harum parplielarum
exrrema pun&anon ad eafdem partes con-
iungentes,in centro fphzrz fefeinterfecant;
sc proindediametri fphere erunc, & inter
feaequsles: R &z verdlinez earundem pa-
ralielarum extrema pun@aad eafdem par-
tes conneétintes, & #quales, & paralleiz in-

: terfe

Y
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terfe funt, & cum parallelisre€os angulos
conftituunt. ’

>

: A
Lemma V, o

Siinfpharafint duz re@zparallelz;reSia
earum punta extrems ad eafdem partes
coniungentes, 2qualesinter feerunt: Ecfy
parallelzfintequales, confungentesnon fo
Rim xquales, fed & parsllelz erunt, re¢tob
quecumipfis angulos conficient. i~ »
o , "

Lemms VL_¢u Lo

Indata fphznk duos circulos zquales,acpe=
rallelos defcribete ; ita vt dismeterfphicrn
fit vtrinfque diametri potentia fefquialters.

Problema:. Propoﬁtio L
In data fpbxra pyramidem trigonam de-
faribere. ,

Problemaa. Propofitio.

In datafphera O&aedrum defcribere.
Problema 3. Propefitios.

In data fphzrs Cubum defcribere.
Problema 4.propofitio 4. ~ T |

Indstafphara Icofsearum defcribese. - - -
Problema  Propofitiof.

In dara fphara Dodecacdrum defcribere.
P3  SCHO-

F N
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SCHOLIVM EX P. CLAV|IO,

X hu,que hocinloce & lib.13. & Utb.1.4.des

monfirara funt facile etiam oftenditur fioo

mnia quinque corporavegularia in vnaca-
demaque (pharadefcribantur , maximum omninm
¢ffe Dodecacdrum ; Deinde I cofaz drsim maive 1e-
liquis tribws : Tertio Cubum maiorem reliquis da-
obwe: OGucdrum denique Tetracdro effe mais.
Ex quo euidenter conflabit, Euclidemyeélo ordine
quingue hac corpera conflruxiffe,cum poft Tetyaé=

drum ffatim Odac drum non autem Cubum
confliuerit.1ta enim a minoribus ad ma-

sora progrc[m eft,
LR .- ’
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