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SireQta linea fe&a fitve |
cung;, reGigulaqua fuh |
tota & quulibet ﬁ‘.‘gm 13«
torum cSprehenduntur 5
zequalia funtei,quodito
tafir,quadrato. | |
""" Theoremas, Propofitio 3. -
Sirelta linea fe@&s fitvecun Quer |
tum fubtota & vnn_i"egmémrun;-cn bug
henfum, equale eft&alli ¢ Iﬂp.,
quod fub fegmentis ¢6.

Prehenditur retangulo 'ﬁﬁ‘ H

& illi, quod a przdito
fegméto deferibitur,qua 73
drato.
- 'Theorema 4. Pro«

pofitio 4. B &
Si reftalineafelta {ir vee
cunque : quadratiquod
atotadefcribitur, equale
elt &illis quad fegmétis
defcribirur quadratis, & s g
€i quod bis fub fcgmcntiscnmpreﬁ';ﬁ |

-

Theorema s, Pmpnﬁﬁny,_ 3
&lia & n O
& (]U&lihu.i-[.:fé
Meayp

qualia: re@angulum {y} in



/'* Quod ah Ef& in/

"nter me. ® c w
dia {ecrionum, zquale eftei quodadimi.

ih diy defcribitur,quadrato,

# Theoremad. Propofitio .

638t reQalinea bifariam fecetur, & illi re@a
¢ )

T Quedam lincain retum adijciatur, re¢ti-

J, Rulum comprehenfum {ub tots cum adle-

i & adizfrafimulcum L

j;‘lu:ldram adimidia, - .

/

Quale o f} quadrato a- ! /A | M,
| " que th ex dimidia, ° /gl/ *
Wm ex adiefta compo- 3 G T
,':_'-"mtm', tanquam ab vna
A Seleripg,,
£ 3 ‘Theoremay.Propofitio ~.

B Sire&s linea fecetur vt cunque, quod d to-
i Quoddue ab vno fegmentorum, vrag;
80l quadrats, zqualia

00t & illi quod bis fub k=5 ]
13 !

& dido fegemento :\
Suprehendivuyrccian. Y ¥

k20, & illi ¢p 4 reliquo \{m
C 4  Theo- ® o

; .E Wmento iz , quadram,,
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Theorems g, Propofiti
Si re&ta linea feceryy vtcung,

?uat'er comprehenfiym o
ub tota & vnofegmen.
torum, cum €o quod 3
reliquofegmeéto fit qua.
drato,gqualeeft ei quod
atora&dito fegmento,
tanqud ab vna lineade,
fcribitur quadrato,
Theorema 9. Pro.

pofitio 9. CZQ R '
$i re€ia linea fecetur in %‘
zqualia&non ®qualias
quadrata que ab ingqua
libus totius fegmétis fi-
unt,dupliciafunt & eius' S
uod 3 dimidia, & eius quod g, T ¢
gia feGionum ﬁt,quadratul‘um. iagg,
Theoremaie,Propofitj, v

Sireftalineafeceturbifa X
riam,adijciatur autem ef
in reCtum quepiam reQa
linea;quod dtotaciiad- A
iunfta,& quod ab adiun-
&aé vtraq; imul quadra.
ta,duplicia funt, & eiusquody 4.
®ius quod Y cOIIlpOﬁtaqex' diin(iiﬁi

EQx
08§

A

0.

div ok
P
iung,
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- Un&a,tanqui ab vnadefcriptum it qua-
e fatorum,
l‘,l"'1

g’ Problema 1. Propo.-
/ pofitio 11.

E!'{?ﬁ MWm reftam lincife- £ A E @

W 5 VL mmprc.lenfmz:] .
} reGtangulum , e- A i

uale ficei quod a reli-

r'@uo fegmento fir, qua- 2%
Adraro,

#% 2mblyeonijs triangulis, quad ratid quod
Bt arero angulum obtufitm fubtendéte,
N Maius eft quadratis , quz funt alateribus
Ohtufum angulum cﬁmpreh:ndttltlbgs,
Bl Proquantitate rectangulibis comprehentt
® %2bvnolaterd que funt - 5
“Urca obrufum anguli,in
i‘;’lﬁdf cum protraltum
Uerie, cadit perpendicu
_ ":13;“1_!.&:11) allumpra exte.
| 45 linea fub perpendi. £
R “ulari prope anguli ob-

Um,
Dg

Theoremair. Propo-
" {itio 12.
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) -Thea_i‘ema‘r-z.-‘Prnpnﬁtin.zs o
In oxygonijs triangulis qQuadrapgs g
angulum acutum {ubtendente, m? bt
quadratis qu frunt lateriby, i, M of

gulum cE:r.prf:hEndeutihm, o qu:t%_
cedtanguli bis comprehents, g 5, -ty
rum, que funtcirca acu - Moy

tum-angulum, in quod

perpédicularis cadit, &
ab afflumpta interius li.
neafub perpendicular
prope acutit angulum,

Nt

d |
Problema 2, Prow’ ffo“; x “@ !
pofiior4. :

L
F L]
v

Dito redilineo zquale

RLEMENTI II'FINIS-
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g

F, Aequales cireuli funt quorum Jiametri sig
 §Quales
K Vel quo
i 0 que
(g EK cen.

{ Ze

it} Re@a Tinea circuld tan.
fk 8ere dicitur , QUE CUM
I Crculyn tan:;at 1 pro-

-f
" liLlﬂu’cur,. circulum non-:
i fecar,
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3 | |
Circuli _ .
fefe mu
tuo tan.
geredi-
cuntar;
qui fefe |
mutyo - "~ :
tangentes, fefo mutuo non'fecany,

Oy,

In circulo ®qualiter diftare Centrg, .
lTinez dicuntur, cum perpen diculy, L
acétro inipfasducuntur,funt zaqy alﬂ’qu‘
giusau- 5L P
temab-

dicitur
inqui
malor

perpen-
diculariscadit,

F
Segmentum circuli eft, fi- 1
gura quz fub rectalinea ™\ <<\- |
& circuli peripheriacom B, o
prehenditur.. . m

6

Segmenti autens li;gulus eft, qui fub re |
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nea& circuliperipheria comprehéditur

A

- 7

| In 1""ﬂ'gl'f.u:ntt:za antem ﬁngulu: eft,cum in fcg-
f, enti peripheria fumptum fuerit quad-
'ﬁ’ Plam pun&um, &abil.

.0 Interminos reGxe.
J Wslinex, que fegmenti
bafis eft,adiicte fuerine

b J telte linex: is,inquam,
! Wngylusab adiunétis il-
mﬁ“ lislineis comprehéfus,

ro~ f
FL( Cim verd comprehen.
F‘_;. dl'-‘I'n:+t!:~;:;mgu]urn reftzli-
4 bee sliquam affumitr,
t Peripheriam,illiangulus
1 nfiftere dicitur.
' ssfi'urnute:i circulieft, ;_'j:)qn
Wmad ipfius circulicé-
-frum confitutus fuerit
- Wgulus, comprehenfa
Mmirum figura, & A re- Qg
- Mislineisangulum con- C.

Unentibus,& 3 peripheriaabillisaffumpte,

e 10 |
s Similia circuli {cementa funt, quzangulios
*]l ’ | capiune




rtapiunt
gqun]:s
auting
bPangu -
J1 inter
{e {unt

gquales
- Problemar. Pro-
| . -pohtio 1.

Dati circulicentrum re-
perire. T

Theorema1.Pro-
pofitio 2,

culum cadet.

ttum extenfa quandam
non per CEntrum exten.
fambifariam {ecet s &ad

cabit. Etf ad angulos re
&os eam fecet, bifariam

quoqueeam fecabit,
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€ in circuli peripheria duo

quelibet puncta acceptafue.
rint, refta lines quz ad ipfy
pun&a adiungitur, intra cir.

L| Theorema z.PrDPﬂ fitios _
St in circulorettaqueda 3-

angulos re@os ipfam{e- |

E 0 M-.

)

m leneay,..
Pﬁr'c e
o .
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Theorema 2.Pro.-
. politio 4.
Incirculo dug recte [i.
2 fefe muruo {ecent
. on Der centrum extéle
AClemutud bifariam non 8 > |
jfﬂcabunt.

" Theoremaq.Pro-
F_ ' . Puﬁtiﬂ 9s
! ';'-f‘ circuli fefe mu-
I & . . Y
ﬁ_. 0 {ecent, non crit 1llo-
'I'F:'.i:-} im idem centrum.
' - Theorema 5.Pro-
politio .
\d_llu circuli fefe mu-
B 'O Interiug tangant, co.
W~ non erit idem cen- 3
g rum,
“;si'in 1 Thcm-cn_m g ’!’rnpnﬁr.im 7

g Y Qlametro circuli quodpiam fumatur
.-':m}&um,qund cireult centrum nondit, ab

¥ 99 puntto in circulii L

i' dam reGzlineeca.

¥ At : maxima quidem / '

---.1,.'1tea in qua centru.mi . < K

'.m_mﬂ veroreliguaralia-
Vero propinquior ¢
Ug per centrum du- ..
Fy cityy

.. '
o 4
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citur, I'EIEIDtiﬂTE_ ﬁ:rnper maigr E{? M‘
nqﬁém ﬁ_:luz'n I"l:&g 1inei¢ mqual esah * Uiy
pundto in circulum caduntad gy, F“ﬂem
-tesminime. - Vidae,

. Theorema 7. Propofiti,
€iextracirculum {fumatur pun &u&'- |
piam ,abcoque punctoad Circ“lum Yugg b
cantur rez quedam linee, %a? deg, B
quidem per centrum protenday, Uy, f
vero vtlibet:iincauam pcriphcrian;rehqu. ;

tium rectarum linearum minip,, e, B
cftilla, quzper centrum ducigy,., 3"'%
autem propinqulor ci, “Hlarygy
qua per centrum tran-
fir, rémotiore femper
mator eff:in conuexam
vero peripherid caden-
tium reftari linegrum
minima quidem eft il-
la, qua inter punflum
& diamnetrum interpo- ¢
pitur saliarum autem,
‘eaqug propinquiorelt 4
minim® , remotiore
femper minoreft, Duz

autem tantim recie linew pqy,) .
~ punctoinipfurm circulum cadum:;ab o ¥
gue partes minima. R

A .

They,
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s Theorema 8. Propofitio o.
) Y10 circulo acceptum fuerit pi@um ali.

o quod, & ab eo punétoad circulum cadane
Plures

| YJlam
dug re. /
Gzl
i“" nEEJ 4 Sy
- Quales,

% ﬂtccptii

Punctum centrum ipfius erit circuli.
‘Theorema ¢, Propolitio 10,

A

ﬁ’.{ Circli
%y cqp
- Slum
1% 1 plu. E
3 ﬂbu5 G
3115;13
uah?® [+
B Pun&is
{ Donfecar,

', N Theorema m.Propnﬁtiu II.

' Ef‘e IN= B,
A Ws ¢5. ¢ B
i Yque C

* E fuerint
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fuerint eorum centra,ad corum egy.

il
ki _ Yy - -

funéta reQa linea & produ@a i e
acifarlomim cadet. | : tmﬂ&um

Theorema1r.Propofitioy,

<i. duo circulifefe exterius contingg
-I 'E i l "

¢

f
;
¢

ting

trifibic
Theoremar2. Pro-
o .puﬁtim;.
Circulum circulumnon
%&ﬁgit i _PII_._lfiBIIS pun-
&is,quam-vtio,fiue intus
fiue extratangat,

Theorema 3, Propo.
Cfitie 2.
In circulo zquales rette
linex ®qualiter diftanta
cedtro. Etquegqualiter f
ditanta centro, quales
funtinterfe, -
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Thﬂﬂfcmal4. Pro. i
. politiory.

In circulo maxima, qui-

dem liney eft diameter:
¥y 3rum gutem propin-
" Qulor cencro, remotiore
*Mner maior.

1

¥(_ Theorema s Propofitio 16.

I Quz ab extremirate diametri cuinfg; cira
y-fyh ad angulos rectos duciter, extra ipsi
/ Oreulvmcader, & inlocuminteripfamre

A &Em lineam S{p:riphc-

. F
Z; Mam comprelienfum, al N
4 T2 retalinea no cadet

i =t femicireuli quidem ® i \u{.
'3 3ngulus quouis augulo U}S{é‘
it Xuzo re&ilineo muior
J Clt, reliquus autem mi-

»

'+ Problemaz. Pro-
| politioss,

N 4
., i};ﬂﬂm puntto redtamg e}&

lam ducere, que da-

. .t“m tangat circulum,

LEa Theo-
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Theorematé. Pro. M.
pofitio /8.

Sicirculum tangatrelia
quzpiam linea, dcentro
sutem ad cotactum ad-
jupgaturre€ta quzdam 52N
linea:qug adiidtafueric =

crit, 3
Theoremat;. Pros
pofitio 19 _
§i circulum tetigerit re.®
&a quepiam linea,acon-
taGu autem relta linea
ad angulos rectos ipfitd
'g‘Enti excitetur,in excita- °
¢a erit centrum circuli.
Theorema18. Pro-
~ ‘pofitioz0,
Incirculo angulusad cé
trune duplex eft anguli
ad pcripgariam,cﬁ ue-
rit eddé peripheria bafis
angulorum,
"Theorema 19, Pro.
pofitio 2s.
In circuln_, quiin eodem
{egméto funtanguli,funt
inter fe2quales.

Theore.

ad ipfam contingentem perpen diey :
P gy
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h Theorema 20.Pro-

Y pofitioz2.

; i Wadrilaterorum incir-

f It}ﬂlﬂ deﬁ:ripmrﬁ angu-
| hqui ex aduerfo, duoh?®
TeQis funt zquales.

* . Theorema 2.Propo.
v fitio 23.
Super eadem rectalinea
_ﬁf-.dm fegmenta circulort
" fimilia & inmqua!ia NOnA. ?? B
;un{’tituétur ad eafldem
b Partes.

e

'. Theoremaz2.Propofitio2 4.
" Super ¢

Problema 23. Propo-
fitio 25,

- Cireul; {epmentodato, defcriberecirculd
E 3 culus
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cuiuseft fegmenzum, - '

e 1% & A -.
Theoremaz2.Propofitio , ¢ 1 ¥

In zqualibus circulis, 2quales angatic
Iib'PE Ny squ‘ |

x
riphc
yipsin
{\ftGe
fiue &
adcé- x . (o

tra,i-
uead peripherias conftituti infiftap,,
Theorema 24Propofitin 5

Inzqualibuscirculisanguliguiemn. s |
Peri? s s fqllallbu&

pherijs
infiftat
{unt in-
terfee.
quales

{iue ad




IIBER III. 43

Theoremg 25 Propofitio 28,

| In xqualibus circulis zquales rectzelinca
' $qQuales

) Peria >

Ephﬁl‘ias ?\:&
s ferg: X
0 maiorg \ 7 N\

Quide EN___~F

/i mf!im'i, +
P .
oy Winoremautem minori.
fil Theorema 26,Propofitio 29.
rtdll equa . -
s e >
A flis g
.".'E:-q“ﬂlﬁs
P‘Ct'.lphg
F¥las e
/h Wales
Rz linez fubtendunt.

L4 ], .

P ’ro.
reblema 4Pro £ Q%

¢
IA pofitio ;0. ra
b D'*'_tam peripheriam bi-

| g fecare.

A C B

"Theorema 277.Proa
polirio13.

1 I_’l_circuln angulys qui in femicirculo,re

E 4
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Gus eft: quiautem'in maoire £, . M,
norrefto - quiverd in SMétoy |

minore {egméto,maior
eftreCto, Etinfuperan.

gulus maioris ﬂ‘fgmcnti, /‘N i
re&o quidem maioreit, . g
minorisautéfegméti an :
gulus,mino.r elt reGo. y

Theorema zs-.PrnPnﬁti'n . |
Sicirculum tetigerit aliqug rcéli o
conta@tu auté produca- = 3 '“ta,-i_ f
tur quedam redta linea a4
circulum fecans:anguli \ ]
quos ad contingentem I
facitequalesfuntijs qui
in alternis circuli fegmé
tis confiftunt,angulis. £

Problema s.Propofitio .,
Supcr:data_ refta linea deﬁ:ribgre'&
tum circuli quod capiat angulyp,
datoangulore&ilineo,

L 4

o
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Prﬂblﬂma ¢ Pro.

I politio, 3 .4,

A A dato circulo legmens
.2 abfcindere capiens
|#378ulum 2qualem da-
to angulo rectilinco.

i . Theoremazg.Propofitioss.
#2*11n circulo duz refie linex fele mutnd

o ccucrint, reCtangulum comprehéfum fub

o A 5“’ y 3
J»
VR

NS Vi

B Veodye in circuldesdant due re@elines,
" ‘llla!*}'i altera quidem circulum{ecet, altera
T o E 5 verd
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vcrﬁital'l gat:quud {ub tota fec
rius mnter punétum & conye |
riam affumpta comprehendity, r” e,
gulum, zqualeerit ei,quod i gy, . §
fcribitur,quadrato, = ©  Solieg, |

Oy
anteg,

Xxam pe %

'T:hcnrema 3I'Pr0P0ﬁtiﬁ
BiextracirculQ fumatur puncy rf?'-
ab eoq; puntoin cireutum cad;nﬂlquﬁd .
&tz linex, quarum altera Circmutd“*ré
altera in eum incidas, fitautg q m focys §
tafecante & exteriusin. ﬁ_d fubt& .
ter pun@urm & conuexi Qﬁl *
peripheriam aflumpra, $f /)
comprehenditur retan  §
gulum, zquale et.quod
quadrato: incidens ipfa
eircufum tanget.

BLEMENTI I, FIN-I,.
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DEFINITIONES,

.f.
mlf‘ Izura re@ilinea in
ﬁ urare&ilinecain.
Wﬂ‘lm dicitur, ciifinguli
*Eius fignra que inferis
lﬂvﬂ tur,anguli imguh la-

iﬂ"a €ius, in quainfcri-
“ﬂrtannunr

2
. Elmlhtf:r & ﬁn‘ura circum figurddeferibi

j}! Cityr, yQuum Imgula eius que circhicris
ltar.i,

lrcum quam illa deferibitur,

,"F‘Bur:t retilinea in circulo in-fcrib_i fiici.
¢ tur,quﬁ finguli eius figurz qug inleribitur,
. . g
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gngulitﬂtigcrint ci rClﬂi Pgri Phtri "

4+ ‘

Figura verorectilineacirca cireyy s

bidicitur, quifingula laters Eius,u dﬂ‘% _.

cum {cribitur, circuli peripheris :j:*ﬁr.
. ,. ; gu i
o Similitcr_&: circulusin figura re&ir; A ,
{eribidicitur, quum €ircnlj periph itgj
gula lateratagit eius figure, cuijng “Tlay,
: 6 tnbm&_ i
Circulus autem circum figuri de
citur,quiicirculi peripheria fing
¢ius figurz, quam circunfcrib;,

|

(cri; '_.-
UInst{!@' ;
) ‘"ﬁul -.

;

Reftalineaincirculoac
commodari feu coapta-
ridicitur,quum eius ex-
- tremain circuli periphe
riafuerint,

Problemar.Pro.
pofitior,
Indato circolo, réGtam
lincam accommodare ¢-
qualemdatzreGzlinez
quecirculidiametroné
fitmsior,
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Problema s, Pro-
pofitio 3.
& 9tocirculo,triangu- D
.? “dEfcri'bﬂrc dato trian.
fBulo Lquian gulum.

:;7":.' 1a, defcribere daffl
a0gulo zquianguld. o

‘; 1 Proble ma 4. Propa-
puﬁtlu 4

‘ dﬂtn trianguln Circy-
@M infcribere,

Problema 1. Propofitiog,

) Eir‘:ﬁ datum triangulum, circulum defcris
EI'E.
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- Problema 9.Pro.
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Problemaé, Pro. -
pofirio 6.

Indato circulo quacira-
tum defcribere,

Problema%.Propo-
{itio.

Circa datum circulum, L
quadratum defcribere. - -
Problema8.Propo. i
fitia.8.

In dato quadrato circu.
lum infcribere. |

pofitio 5.

Circa datum quadrati,
sirculumdefcribere.
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1 Problema 10.Propo-
4] politio.ro

E Ofceles trisgulum con-

A UNQue corum, qul ad
Wuplum reliqui,

| Theorema rx. Propofitio 11

datn . A

i culo,
tﬂ[‘agn-

4
1.1
[

‘U:Equi-

fiteril &
R in-
fribere,

:T -Prﬂblemgu.?.. Pro- &
f pnﬁtm 12,

g ' datum circulum,
'F-“tﬂgﬂnum zquilate-
B0 £quiangulum de- B
¥ There, e L
Problema 13.Pro.

g ., Ppofitio 12,

__dﬂtn pétagono ®qui.
" 'o & zquiiculogir.
R Uminfcribere,

.

i

Proble.
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cribere,
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w |
Problemas4.Pro. Oy, |
~ pofitioz4. |

Circa datii pentagont,
zquilaterum & xquiane
gulum, circulum defcri
bere,

Problema r5. Propofitig
In dato circulo hexagonum §;
& xquiangulum infcribere,

¢
Equila &

Indatocir
culo quin
tidEC&gﬂ- Bf
num & ®-
quilaterit

& ®quian.

Elementi quarsi finis.
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ARSeft magnitudo magnitudinismia
not MAIoris,qUUM minor metitur ma
ioreml,

. 2
Plultiplex antem eft maior minoris, cim
R inor metitar matorem,

k]

\
T
]

*

]
]
\

!
T

gtto. eft duarum maenitudinum eiufdé
WEENCrs mutua quedam fecundum quanti
em habirudo.

i-u . . 4 . .
| rﬂprﬂtlﬂ velf‘}’ eﬂ; rationtm ﬂﬂll][[lldﬂ-

R Mtionég habere inter (¢ magnitudinis di-
tur, quz poflunt multiplicatefelemu
R .ﬁlperar ¢
' t'... 6. -
; e%." cadem ratione magnirudines dicatur
"'ie' prima ad fecundam, & tertia ac'! quar-
B fum primze &tertizeque mulrlp!lcmn
f‘.ﬂﬂndz & quartx xque multiplicﬂm‘?.
. - F  qualif-
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quslifcuan.- it h‘:q multiplicatio, Vtrye
ﬁb.\rtfﬂquﬂ\?ﬂl vna deﬁ{:iunt}vcl vhi TI‘]% y
tiafunt, vel vnaexcedie, (i ea fimap, Wy
inter ferefpondent, T f
.? . (
Yandam sutem habétes rationen, |
tudings, proportionales vocenty;, S |
} 4
Cum Vero :Equf& multiplicium, mulg
primg magitudl_nes excc-ﬁ'erit? muly PIIF. ?
fecundz,at multiplextertiznon Exce]ﬁ‘ il
multiplicem qUart2:tunc primggq &t_ent _
dam, maiorem rationem haberg dlce
quim tertia ad quartam,.
o
Proportio auté in tribusterminj —
mis confiftit: 10 i
Climn autem tres magnititudines py, -
nales, fuerint, prima ad .tcrtiam,du&.l‘ttu .
rationé habere dicitur eiusqua m:hih-lcm
{fecundam. At citm quatior Magpip, d!itaﬂ
praportionales,fucrintprimaad q‘-li'rtan- .
triplicatam rationem habere dicipy,
quam habet ad fecundam:& r‘“lptr'aﬂ. |
ceps yno amplius, quidiu Prﬁpﬂrtia%}:
terit, |
1L
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ding, §
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A dentibus, con fequétés verd cofequétibus.
i 12 . -

194 Alterna ratio, eft fumptio antecedentis c5.
gi? Parati ad anrecedentem, & cdfequentis ad
| Cotlequentem.

. 13
}ﬁ In uerfa ratio, eft fumptio céfequentis,cen
Y 8itecedentis, ad antecedenté velut zd con.
g ‘*Quentem,

14.
Ak ompolitio ratiﬂnii clt fumptioantece.
Mdentis cii confequente cen vnius adipfum
eg@loniequenten,, 15
BOiuifi rationis, eft fumptio exceflusquo
R Onfequentem fuperat antecedens ad ip-
¥'4M confequentem,
. 16
¥ Conuerfio ration is,elt fumptio antecedens.
¥ -'sad exceffum, quo fuperat antecedens ip-

um cofequentem.

1
'- E"Equalitate ratio efL,{i pluresduabus fint
& Magnitudines, & hisalie multitudine pa-
R '®s qua bine fumantur,& in eadem ratio-
$ 3% quum vtin primis magnitudinibuspri
':311’* od vltimam {ic & in fecundis magnitu-

SINibug primaad vltima3 fefe habuerig,"vel
. ter, fumptio extremorii per fubdudtio-
{ e mediorum.

A Fa 180




§6 BEVCLID.ELEMEN. GEQy

18
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etiam vt confequensadalind quiq Piir:m
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ﬁlcrit multip]q‘ | |
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Mptarum veraque virinfque equé mul-
Ipltx,a]tera quidem fecundx,altera auré
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: :-*"" fecundz & y
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Theorema . Pro«
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ilﬂl;en'l rationem hab¢z, '
¥ U3m 3d maiorem. { CJ .1

Pohrprys
. W MG LA W
4 Thenrema 9. Propofitio g.
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L
L o

Mem habentium ,qug maiorem
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Theorema . PfﬂPOﬂtlu 3, \
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am maiorem
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St prima ad fecundam eanden, +

habuerit rationé, quam tertiy
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pofitio 16,

:% St quatuor nugmtud:n es,
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Theorema 20. Propofitiq 20

8 fint tres magnitudines, &alie ipfise
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fumatur, €X X o ong i
quo auté prima

quimtertia 311;:{ { % 1
jor fuerit-erit { .
L
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. Theorema 1. Propofitio 2r.
ASifine tresmagnitudin es. &alte ipliszqua-
: “SnNumerp qua binz &1n cadem rations
l E{Umim r fuerit
JU¢ perrurbata :,'

Caryj proportio

¥'I."

¥ X aquo autem jt } }I

Rrimiqui{ﬂtcrhﬂg(:ﬂ]%n%_ﬁ:

2 maior fuerit E
| Crit & quarta
Qui fextamaior-quod fi primatertize fue«
! Hirzqualis, erit & quarta xqualis fexte: in
| laminor, hec quoque minor erit.
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|

Theorema 22, Pro-

o pofitio 2a.
' Stfine quot-

P QUng; magni [

¥ t}ldine & a- e}‘fs
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1 %S numero, | |

3t:
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’2' . . Theorema 23.Propofitios2.
: ;1 (it tres magnitudines,alixg; i plisgqua.
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E
les numero,q v Ok,
bingimeadem | (-\%{L -
ratione fumi.’ | | |
tut, fuerit auté |

perturbata ea-
ri proportio: | _
ctid ex equali- .
teincademra | %‘{% .
tione erunt. G H KABop +EF. .
Theorema 2.£.Prq. L*“m
- politio2g, '
Siptimaad fecundam,eandepy
habuerit rationé, quam teryi,
ad quartam.habueritautem g,
quinta ad fecundam,eandé,,
tionem, qua {exta ad quartam. J’
etiam cOpofita prima ¢l quip. }1: -
ta ad fvcundam eandé habebi, ¥y .
ration€ quam tertiacum fexta 54 q'C L3

uﬂrqm.

Theorema 25. Pro.
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SImiIesﬁgur:e reCtilinez funt,que & an
A)gulos fingulos fingulis qualeshabér,
~ atqueetiam latera,qug circum angulos
*quales,proportionalia,

2

.RE‘“Pmcm autem hgure funt.cuminvtre
i Wefiguraantecedentes & confequentesra

3 “o0un; o rmini fuerint,
%

f ;

o E‘Ellndum extremam & mediam ration€

T ;lf?a linea fe@a elie dicitur,cum vttota ad

hamm {egmentum, ita maius ad minusfe
butrir.

J
| 4

':';;":;‘_Ititu do cuinfquefigure, eft linea perpens
4 ularis verticead bafin deduda
! ’ J R,jd
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Ratioex rationibusc§ - %}

poni dicitur, ¢i ratio. T .h
B

num quantitates inter
in multiplicat® aliqua f
E

‘
1

i

effecerint rationem.
‘Theoremar Propo.

EZH U ——in

fitio,x o EA o )
Triangula & parallelo. “?@‘
gramma, quorum eadem R 1
fuerit altitudo, ita fe ha.

bentinter {e vtbafes,

Theorema2.Propofi, :
- $iad voum trianguli latus
) - fuerit re&a quadamlinea;
naliter fecabit , ipfius °
tridguli latera.Ecfitrian.
guli latera ‘Prnpnrtinna
liter {feCta fuerint. qua
ad feGiones adii@a fue
ritreéta linea, eritad re-
liquum ipfs trianguli
latus parallela,
.. Theoremas.Propofiy,
31 trianguli angulus bifariap, (el
cansautéaugulum re@aline, ﬁgcuus:ﬁt,f';, |
fim - bafis fegmenta eandey hab:}:;tn&h‘- -
t I.:'.-
tiﬁnr;; |
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Yonem.quam reliquaipfius

trianguli latera,]}_t {1hafisfe- (}aﬁg

mentz eandem habeantra-

lonem quam reliquaipfius

Yriangul; laters, recta linca,

‘qQuz } vertice ad feCtionem

| Producicur, €a bifarid fecats )

i Wlanoyiiipiusangulum,

Theorema 4 . Pro- F Q
pﬂﬁtiﬂ 3

R

_ 'fkcquiangulurum trian-

Rulorum proportianolia
' ﬁtntlatcra,qug circumg-
1 Qualesangulos, & homa- c W
#5798a {unt Jatera,qug gqualibusangulis faba
“oduntur,

Theorema g Propofitios.

o

I '. 'sldl{n triﬁgula latera PIo Z i T

1 POTtignalia habeantequti

) gyl erunttriangula, & "

% ®Quales habebunt eosan.

% 8ulos, il quib® homolo
8laterg fubrendu ntur,

&

{8 g Theoremag.Propofitios.
lo
¢

]
+E

Yo triangula voum angulum vaiangu
“qualé & circum ¢quales anguloslatecs

| ¥Portionalia habuerint,gquiangula erune
£ | triag
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triangu- N,
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fub qui- 4

bas ho- ~ S |

mologa latera fubtendunty,. :
Theorema 2. Propofit;, |
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lIo ®qualem, circll autem "ailiﬂ5 ﬂn\*ma
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forer
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norem
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minoré o %
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portionalia funtlatera, Ll"""ﬁj?n:.
Theorema8.Propof; |

Si intriangulo rectangu

lo,abangulore&toinba

fin perpendicularis du ‘%

€a fitquead perpendi- A

cularem triangulo, tum

tatl triangulu, tum ipfa

inter ¢ imiliafunt, —

tiog,
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Problema 1, Pro. x
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B o *
\ | Adatg réctalinea impe. H

\| Tatam partem auferre, |

Problemaz.Propo, x

| fitin10,

"2 Daram reéii lineam in

2 feGam fimiliter fecare, 9
vt dataaltera re@a feéta s

1 fueyit. ’

¥

Prnbfcm:;. Propo- LL”
{ fitiors.
Duabys datis re®is li-
Ders, tertiam propotio
Nalem ad inuenire.

. Problema 4. Propo- 4,
. l {itio 1.2,

Triba datis rcétis lineis
A Rarcam propottiona-
. ““madiuenire.
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Theoremaro. Propofitig,
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Problemas.Propofitio2s.
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R erit,

" $
s 2 =
B 8 8 27 64 ¥ Mo u6

-
a




L S— B

0209395

toco EVCLID.ELEMEN, GEq
“Theorema 24, Pro.. u.
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+ Theorerna 4. Propofi tlur,q_
s;cubusnumtruscubu S S
n‘hmerummultrphcam AB p }
quendam procrestpro- 8 27 6, Q
creatus cubuscnt. A

Theorema 5. Propofitios,

8i cubus numerus numerum ‘lllen & uu .

tiplicanscubum pro- 3
creet, & multiplica. A R D D

tus cubus erit, 27 6379 e ;

Theoremas. Prnpnﬁtm 3
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multipticanscobum A B
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Thcurema'; Propofition,
Sicompofitus numerus ‘iufndam
multiplicans quem- 2 .
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Hibus vour intermitrentibus. 0ddf . b
viitatem {equitur, cubusnon fir e ugﬁi- ;
fius vilus cubus.erit, demptis quartog, *
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Theoremarz Propofitio,,
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ﬁl‘tmnalcs fint
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. Fhearemaié.propofitioss,
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- adtmodum 'prir;nus ad feci : ; lzi
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DEFINITIONES

Cnmmcnfurabﬂes magnitudines g,
turillz,quas eadem menfura mey; ietur, ‘“u- .
-2
Incommen{urabiles verd m,gmm o |
dicuntur, hzquarum nullam mtnfl gl
communém contingitreperirj, . Rm

Linez re€x potentia cmenfurabi,, o
tarum quadrata voa eadem “Pcrﬁtn
Eue areametitur, ieg

Incommenfurabiles verd linex fiyn,
rum quadrata, que metiatur arey ¢ umqu"’ .
nis,reperirinulla pnt:ﬂ oy,

Heccimirafi nt,nﬂcnd L poteft qudd o,
tacunque linea recta nobis P"“Put?amr

dem commenfursbiles, aliz iten jp,,
menfurabiles, hzquidem I‘?’"SItudm;;

Poten.
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Potentia: illz verd p otentia tantlim, Voce
Wrigiturlinea reta. qUINtIcUng; prope- '
ﬂitur,ﬁurﬁ,id eftrationali o |
é L |
,_Lincz quogs illi pyrh commenfurabiles s
Ue longitudine & potentia, fiue potentia
’ ;“Ttbm,vuc:ntur& iplx prreq, id ¢ft rarioa
~Fhales

[

[

4

& Quae verd linex funt ince mmenfurabiles
R ill; T pyrw,id eft primo loco rationali, voi€
3 WUrddovor, id eft irrationalcs.

4 3

J Eq quadratum quoda linea propofita de.
d Leribiryy quam  m¥ vocari voluus, voce
Tar oy,

10
Q2 vers fiuneilli quadrato ‘pyla fcilicetin

Ommenfurabilia, \ocentur &hoye, id eft
ﬁll'd;l_ 1L

: i Et““*? que¢illa incnmmenﬁlrabiliafie.
. .Lr[bunt; Vﬂtcntllr&'ﬁﬂ}’ﬂf.[;t quidtm ﬁ.ﬂl‘
Jnmmmenfurnbilia ﬁurin: quadrgta, lpf'l

torg latera vo.abuntur &hayot lince. f]uf'fd

- YqQuadiaca quidem non fuerint, verl alis
u@pis fuperficies fiue figure redilines,
tne
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Theorema I.Pl‘ﬂpuﬁtin I, | .
Duabus magnitudinibus ing, '~ -

" qualibus propofitis, fi de maig o

re detrahatur plus dimidio, &
rurfus de refiduo iterd detra. xI ¥
hatur plus dimidio, 1d4; fem.
per hat: relinquetur quedam
magnitudo minor alters mj, I
noreex duabuspropofitis,
Theorema Propo. G
fitio. 2.
Duabus magnitudinibus propofitiss, .
libus, fi detrahatur femper Ming, T8 quy
iore,.alterna quadam detradtione € mg.
neque reliduiim voquam merj;.
tur id quod ante fe metichar,, -
incommenfurabiles funt iljg ma:g [ :
: 1
nln

guitudines.
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Duabus magnitudinibus COMméfypy X
bilibus datis, maximarm i pfarum fﬂm.}
munem menfuram reperire,
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) Problema 2.Propo-
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Tribus magnitudinibus ¢dmen-
farabilibus datis, maximam ipfa- E
M ecommuné menfuram reperire. Z B oo
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o Qﬂmcnﬁlrabiles m:gnitudi-;.
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ACBD E
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Incommeni{urabiles magnity. - o1
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numeruin.

§

Theoremasé, Propo.
fitio 8.

fe proportionem no habée
quam numerusad nume.
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Theotema7.Propo.
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Quadrata,quz defcribunturd regyey: ,
15gitudine cdmen. Wiy,
furabilibus, inter fe
roportionem ha.
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quadratusad alinm 213 Bisy
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inter fe qui quadratus numerysag nui .
rum quadratf, habent quoquelatery
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qux defcribuntur 3 lineis longitudine in
‘COmenfurabilibus,proportionénon habent
inter fe, quam quadratus numerus ad ny.
Merum alium quadratum. Et quadratanon
Rbentia proportionem inter {e quam nu-.
¥ Merys quadratusad numerum quadratum,
Neque latera habebunt longitudine' coms-
Qnnfurabilia,
e . Theorema8.Propofitioro.
-s}‘ Quatnor mwagnitudines ﬁlcrﬁn}: propor.
Nonales. prima verd fecunde fuerit commé

-ﬁll‘abili's, tertia qUDqllfH—b—r—é'—!—-f—l-
".911.31'7:9 commenfurabilis B
R trit.quod prima feci}. =i
SR fueritincommenfura H—-—?—-}-—-
1115,.1:Ertia quog; quar- n ’
d . DCommeniurabilis —r—r—
£ri, |
- Problema z.Propo-
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?}‘;ﬂpnﬁt:e linex re@e ( quam ¢+hv vocari
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Renfurabiles, hane quidem
gPgitudive rantdimillam ve. |
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Sm:du,abus magnitudinibus ., A
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verd cidem incommenfura. B
bilis, incomméfurabiles funt 4
lllzdummagmtudmes. N
| Theorema . Prnpnﬁtm 14,
Si duarum magnitudinum cgmm
bilium altera fueritincommenfurypy:
gnltudlm alteri/ :t
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poflit autem prima plufqui fecunda tanto
?uantum eft quadratum lineg ibi commen-
frabilis longitudine: tertia quogsponterie
Plufquam quama tanto quantum eft qua.
Mratum finee fibi commeniurabilis lon-
Bitudine.Quod (1 prima poffit plufquam (e
§ fundaquadrato lineg 1bi
h l'~'I't1gil*l.1v;:linf:’: incommen- I
furabilis : tertia quoque
f Poterit plufquam quarta
‘Quadraro lineg fibiincd. - { }
b Mélurablilislongitudine. X e e¢BE

~ Theoremarz.Propolfitio /6.
'8 die magaitudines commenfurabiles
3 t“mpﬁnnntur, tota magnitudo compolita
- "ﬁ“.%u“s partitbus commenfurabilis erir,
'- ﬂ':lﬁd fi vota magnitudo compofita alteru-
U™ parti commenfurabilis fuerir, ille duz
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R .. . Theoremarq.Propofitiorr.
duz magnitudines incommenfurabiles
g iponantur,ipfa quoguetota magnitudo
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renfurabiliserit. Quid G tota alteri parti
ﬁfﬂmmcnihrahihs fuertr, il-ﬁ R

s queque p:'i[ﬂ@ magnittt-r,_...__.M
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Theorema 15. Propofitio .8,
si fuerint duz re@z linex inZquale; .
quarte partl quadrati quod d‘ﬁil‘ibin:'f
minore zquale parallelongrammg appl ry
cctar fecundii malorem,ex qua Maiore e,
tum excurrat extralatus parall clogran %
quantum ¢t alterum latus ipfiug Pﬂranh
logrammi : {i pracerea parallelogryy, n ¢
{ui applicatione diuidat lined iflay, inum
tes inter {e commen{urabiles lﬂngitu d_m:
illa maior linea tanto plus poteflt quzpy 't
nor, quanta elt quadratum li““’ﬂ--ﬁbicml‘ .-
men(urabilis lur;gituqlint. Qudd f; m:_lh-_-
quadrati linez fibi cumm:n'{‘urab“is l:]nr
plus poffit quam minor,tanto quan.s :&
gitudine, & praetered qUArt? par; Quad,
ti lineg minorisgquale p:{rallelggermuri
applicetur fecundum maiorem, ex qua mﬂl
jore tantum excurrat extraB Fypp ¢
latus pallelogrammi, quan. S
tum eft alterum latusiphus
parallelongrammi parallelo.
gammum {ui applicatione ‘A
diuidic maioré inpartesin-
ter {elongitudine commens
{urabiles.
Theoremar6.Propofitia 19. |
Sifueript duz re€e inzquales, Quang
autem parti quadrati linez mingris 2g
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- Ilt]:nt‘.r:tllt:‘h:::ngr:ar'nrru::nrrum fecundum lineam
Inaiorem applicetur, €x qua linex tantum
# SXcurrat extralatus prralielogrammi,qui-
% tm eft alterum latus eiunfdem parallelos
& Bram mi:fi parallelogrammum praterea fui
_,:,Pp]icatian:: diuidat lineam in partes inter.
¢ longiwudine incommeniurabiles, maior
8 illa linea tantd plus potelt quam minor
& Qtantum eft quadratum linex {ib1 matori
i ncommenfurabiles longitudine, Quod fi
@-Maior linea tantd plus poflit quam minor,
® QUantum eft quadratum linez incommen-
§ leabilis fibi Jongitudine: & preterea quar-
ot partj quadratt linez minoris equale pa-
fallelogram mum applicetur (ecundum ma-
g OTem ex quatantum excur-g F ED <
B8t extra latus parallelogra.
0L quaney 1 eft alterum la-

.- ; r;P{fi;l:ls_- Eﬂra!}tlﬂg‘?mj A
11 applicatione diul
it Maiorem in partes inter
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- cetur habebitalterum [a-

" applicatur.

nels’ reétis rationalibus

cu ndui‘ﬂ"vﬂilm -aliqll'tm*mdum

&is, rativnalis eft. “Xantegy
- Theorema 18 Propofiioz; = - |

Siratinonale fecundi h. < . oow

neéam rationalem appli. g

tus lincam rationalem & | @
cOmeniurabilem longi. g&
tudine finez cui Tatio- =7 T
naleparallelogrammum ~ Q

"Theorema 39.Pro pofitio ;¢
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Propofitalinearationali & refidyo,
1 .

Siquidem tota, nempe compo |
qrcﬁdun & lineaill Cﬁillnfl;:f;\ia X ipg, |
qu':lm cnniun&n,quqd r'atn “ne:slpcftﬁ.ﬁ
menfurabilis langimdmej fuer; lblqﬁ‘
lnngimdine cafnmé' farahijjs Iimtﬁ; toty 5

pofitz rationali, refidug infiim v_aa bro.

Refiduum primum, Ouetyy

2
Siverd coniunctafaerit Tongiy, din

~ menfurabilis rationali, ipf3 a.ut: Com,
’ plus poflit quam contuncta gy, d:“ torg
4 nex {ibi lorngitudine COMmeng, ato i,
refiduui vocetr Refiduyp rEchﬁbili,.
) 8 Rdg, "~ il

§i- verd neutra lineard fueric l“"éi _
commenfurabilis rationali Pﬂﬁit-tudl"' :
ipfa tota plufquam coniungt,, u:ut‘ﬂl 4

linez fibi longitudinecomp, E?u dr:atu

- > wvocetur Refidoum tertium, Fabilig,
Rurfus fi tota poflit plus quiy cans
&a quadrato linee fibi lungitudinc;“"'lln. ;
‘menfurabilis ‘“cjﬁm-

i ,,' 4 - i
Etquidem fitota fuerit l“‘“ﬂ"f_udine con, |

Req.




] LIRER X.° 2o
31 menfurabilis ipf1, rationali, vocetur Refi.
Quum gartum. .
4 8 yero coniuné@a fuerit [8gitudine coma
' menfurabilis ratienali, & tota plus pof.
b, fitquam coniunéls, quodrato linez fibi
. longitudine incomenfuribilis, vocetup
;ﬂ’ Refiduum quintum, |
% | 6
& 8 verd neutra linezrum fuerit cémenfu.
g rabilis longitudine ipfirationalifueric.
que tota pot.ntior qui.coniunéta,quas
drato linex (ibilongitudine tucommen.
{urabilis,vocctur Reliduum fextum.
- A

ﬁ PfﬂblcanB,Propn_ l-~o—-a—-+—-;—-,—-.;:
f {itio 3. BC G .
Lgmu s S

: | H
i Reperire primom Reflte  oop—ye
duum,

16 :
D...Fu.E
by 7
Problemayg Pro- A
potitio 86, B -
| Bc 'y
chcrirc ﬁ:cundumw
Keliduum. i o
! | 37 9

- ' Prob-
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' Problema o2.Pro. -
POftlﬂB? ‘ T . IE o
: 9 "7 ..|u“

Reperire tertium Re r\\.‘ '-

A .
Probl, 2t. Pro- L“\'
ﬁﬂﬁtiﬂgg- B < )
)-__4\_‘ -
Reperire
- uaﬁ*tum Refl-'D. ‘-——H;T'""
Uum. : 16

Problema 22. Pro-

. |
pofitio 89 T*—EH*Q
<

| Q
chzr:re qumtum Re. "yt
fiduuin i

| ... F.. R
Problema 2. Propo- z-_;‘ 4
R {itio go. .. """""':-...,,«
eperire {exeum Refi- H
duum. w
Theo-BB
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Theorema 66 Propofitioor,

Si fuperficies contineatur exlinea rationals

| ﬁﬁt refls P, ETe L |
duo

que il-
Jam fu-
perf- = E M I1K R,
ciem poteft, eft refiduum,.
Theorema §7.Propofitio ga.
% Si fuperficies cotineatur ex linearationali

Lrefi |

L L N _ O
duo A n__EXa

{ecun.
dul Ii" _E% *j‘

hea 4

'ﬂlam : N

fuph. 3K T L
CIC poteft, eft refiduum mediale primum,
. Theorema &8, Propofitio 93.
St faper

-_ﬁﬁcs co A
tinea.
tur ex
{Inea ra
b tlonali
& refi. &3 HIK K
| '-d_uu tera

I .I'II_E.IE i 9 N O
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1o EVCLID.ELEMEN,

- & refi-

—_

T me -

|

tio,lincaquaillam fuperficiem e
refidoum mediale fecundurg, Pﬁ.te&’ el
" Theorema9.Propofitio 5.

Si fuperficies contineatur exline, atiop

oL N .

duo”
quarto
linea g
ild fu
perfici- .
c¢m Pﬂl—_ﬂ ‘ B HIK R T
teft eft linea minor.

Theorema 70.Propofitig o,
Si fuperficies contineatur ex lineg Fatiop:
& refiduo quinto,linea que illg f, . M

" Perﬁc‘ :
~ CLTUr cu 3 . 1§
pntc&,eﬂ: ea qu di M fationyy: i

erfis x p E
P £, o  EFE L N o

cief'a I 4 1V 1

“Theoremaz1.Propa.
pofitiosg,

Sifu pcrﬁcii:q__cpntincatuzj exlines Pationg;
Py

i
!
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":-'_rrﬂﬁdun fexto,linea quaeillam fuperficié
8 POt
’ N o

BHI4 K

Bluperficie totam medialem.

B Theorema 52. Pro-

' g poiitio 97.
Quadratum relidui fecun-

gdum lineam rationalem ap-
Plicatum, facitalterum lacus

Frcdﬁuum primuin.

' Theorema 73.Pro-
__ politio 8.
g Madratuin refidui me
¥ 12lisprimi fecundira.
'onalem applicatii, fa-
Bt alterum latus refid il
recundum. D
g Theorema 24.Pro- %——-——
. olltio . )
‘hadrﬁtﬁ, rcggui me. |
Malis fecundi fecundum |
prticnalg applicatd , fa-
ve alterd latus refidusm
Esitium,




s EVCLID, ELEME N. Groy,

“Theoréma 75, Propo- A‘N
. {itto 100, 2
Quadratd linez ming-
ris fecundum rationalé
applicatum, facit alteri
latus relidunm quartq, _
Theorema 76.Pro. 5 L
pofitio 1oz m
Quadrati linez cumra |
tionali fuperficie facié. ]
tistotam medialem, fe. |
ciidum rationalem ap. |- ﬁ |

plicatum, facit alterum 5
atus refiduum quintum,

Theorema 77. Pro-
pofitiooz. m
Quadratum linez cum - |
mediali fuperficicfacié.
tis totam médialem, fe- |
cundum rationalem ap- |
rlicatum, facit alterum E\
atusreliduum fextum, ,
- Theorema78.Propofiti,
Linea refiduocom- & g %
menfurabilislongi-¢ o

tudine,eft &ipfare-
refiduum,& einfdem ordip is

Thearema79.Propofitio 1 4.
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LIBER X, 13
i Linea cdmenfurabilis refiduo mediali, eft

&ipfa refiduit me- A B 3

A diale, & eiuldé or-

{ dinis, c _» >
' Theorema8¢.Propolitio s05.

 Lineacoméfurabi- A » x

8 lisline¢ minori,eft o

£ ttipfa lineaminor E...—.—..‘———-—-—:.F;[

i Theorema 81.Propofitio 106,

## Linea commenfurabilis linez cii rationa-

A fuperficie facienti totd medialé, et & ip-

B fuperficie faciens . D
totam medialem. ‘_—*——Ji
Theorema 82.Propofitiozo7.

";-lnca comméfurabilis linez ci mediali
fuperficie facienti X __ B &
Bi0tam medialem,

C D

afali fuperficic faciens totam medialem,
N Theorema 8;.Propofitio 108.
EoLde fuderficie rationali

i Etrahatur fuperﬁcics %})
;@ﬁdialis,linea quz reli- ¥ KH
gHua fuperficiem potet, B_F

BHE alterutra ex duabus

Urationalibus, aut refi-
a““m;ﬂut_ liwea minor,

M 3 . "Theo.

- " e = awm T
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‘irrationales, fitit,aut re.!

. Side fuperficie mediali detrahary,

LineaqueRefiduumdi-

—_—

——
—

-

s EVCLID.ELEMEN. G g,
IHThEﬁrerqasq_ Propofitio log :

Side fuptrﬁéic media- , A~ _1_'

1 detrahatur {uperfici. .ﬁ% X

es rationalis , aliz 'du;l ‘

fiduum mediale primﬁ[ H
aut<{ rationali fuperh. B DFg i
ciem facienstotam medialem, -

Theorema8s.Pro.
" pofitio 1o,

fizies medialis 4 fit in- fuper
comméfurabilis toti, re EA% E gy
lique duz-fiunt irratio, T
nales, aut refiduum me
diale fecundum , aut ¢y
mediali fuperficie faci-
enstotam medialem,
Theorema86. Pro.
| pofitio 117,

citur, nd eft cadem cum
€a quE dicityr Binomi. g
um.
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LIBER X. af
SCHOLIVM.

Linea sa Refiduum dicitur, & cazere quinqueea
confequentes irrar ionalzs,neque linea medialf
weque fibiipfa nter [t funt sadem. Nam quadra
2 lines medialis fecundum rationalem applis
catun facit alterum Latus, vationalem lineam
, longitud:ne incommenfurabilem e, fecundum
% quamapplicatuy pry 23
B Quadratuwmperd rcfidui fecundvmyationalem ap-
plicarsi,facit alteyit laves vefiduid primid,per 97,
Buadrasm vers vefidui medialispremi fecundum
vationalew applicatum, jucit alierim latssre
Jiduum fecundum.per 43.
B Quadratumverorefudui medialis fecundi. facit ale
8 Terum lagus vefidgum tertium, per g o.
B Quadvatum vero lines minovis, facit altestilatus

8 refiduum quartum,per 100.
B Quadratum vers line s cum vationali fuperfieie fa
cientis toram medialom. facit altevum lasus ere
b Jfduum quintum.per 1010
Quadvatum veys lincs cum mediali fupesficie fa
B cientis sotam medialem, fecundum tationalem
. applicatam, facis alterumlasus vefiduum fex
@' Ium,perioz, -
Y Clm igriar dicka latera, qua fusit Latitudines coe
B dufque parallelogrammi vnicwique quadrare
8 aqualis (& fecundum vationalem , appheats,
R differant ¢ & primo latere, & ipfa inser Je
8 (wam aprimo differuns : quoniam funt yefts
"3 M4  dus

t
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Own
dua non siufdem ovdinis) congt 4 (e T4
lineas irvationales intey 16 deflevents, e‘g@%‘
quomianm dﬂm“"ﬂf‘""””ﬂ:ﬁfﬁduum b R |
sdem quod Biﬂammm:.qum.iram Autten y, {iﬁ .
O quinque lincarun rrationaliym il g 4
quentium, fecundum vasionale, ﬂPPﬂfﬂ#ﬁ‘
ciunt alteralatera ex vefidyis €t e h
cuius funt ¢r "*Eﬁffﬂffsqﬂﬂrum Qadrgy, iy
cantur yasionalifiwiliter ¢y quqg, 8ia By Ph:
{r quinquelincayum T ationaliym, illgg o 5
quentium, fecundum Yationalem gy '.m:}fc.
¢iunt altera latera e Bitiomsjs eiy M Em“d;;, :
cuius funt ¢ Binamia,quiorum gy, tata, :;! ,
cEmrrutiunuh.Erfgn hg& rationg],, Phit

equunty Binammfn, 7 que Eﬂ"ﬁqﬂﬂm
ﬁguﬁ, funtinter fe differctes, Quare g; &"E;:.
omnes irrasionales funt numey, 3, ey

¥ Medialis, primum,

2 Binomiam, 10 Refiduum Medile fim,
3 Bimedsale primum, - dﬂn'»;. -

« Bimediale fecundum, 11 Moy,

¥ Maior, _ 12 Faciens cyy, ras
¢ Posensyationaley [ fupfr cieramm?:
‘ m#dridfh d ‘d. | . H‘lkl'ﬂ *
7 Rotes duomedidlia. 13 Faciens medial
- Reffduum, __ Superficiy tot lm:
| 1,Réﬁduum mediale, dm!ew. '
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Theorema 87, Propofitio12.

Quadrati linez rationalis fecundum Bis

nomiit applicatﬁ, N

B ficit alterum latus Yt e -
R refidud, cuiusno- 8 o -

. - e fmr—— }
§ Inina funt cOmen. -

| furabilia Binomij ¥ _X X B X

nominibus, & in G
cadé proportione il e |

E Pretereaid quod fit Refiduum, eundem

Ordinem retinet quem Binomium.
Theorema 88.Propofitio n3.

E Quadratil linex rationalis fecundum refi.

duum applicatd, facit alterum latus Bino.

d Mmium,cyiusnomi
8 Dafuntcommenfis ‘ r——ﬁ-i-;-c:,
rabilia nominibus B * p C
refidui & in eadé ° b * |
B

Pl‘upurtiane:grg-ﬂ . | Y
hit

terea id quo .
Binomid, eft efuf- o
sem ordinis,cuius & Refiduum,

‘Theorema g9 Pro.
pofitio 114,

3i parallelogrammum contineatur ex refis
Mys5  duo
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duo’'& Binomio, cuiusno- r-—-,\{
mina {untcommenfurabilia@ -'

_-_—_I—I.—\_-.
L™ = -

-

s EVCI‘.‘ID.EI.EMEN;-GEGE h
! ;

A8 |

nominibus rafidui & in qa.!\u\!l‘f
dé prnFurtione, linea quee g,

g/
iliam fuperficiem potef}, m
eftratiopalis, = H—l-.,\“
o . . -
Th:nremayn.l’rnmﬁ?iﬂ

’ . . - : "I -
Ex_lmea mediali nafciitur lm:g ITratig
les innu- A by

merabi-—-—]; .
lcs.‘qua-'__,__l_ﬂ A€ n
rumnul ¢ . —~—
laviitane oo

dem fit.
“Theorema1oo.Propofitip gy ¢

Propofitit nobis cfto de- E.
monftrarein figuris qua- G.'H"B'
dratisdiametrid efle lon»  x o
gitudine incommenfura R

bilerh ipfilateri,

. L~ B

BLEMENTI X. PFINIs,




VNDECIMVM, ET
SOLIDOKY M.
prisyem.

DEFINITIONES.

I

) Solidum, eft quod longitudinem, latitue

nem. & crafficudinem habet.
2
Solidiautem extremumelt fup:rﬁcies.

: Lines veétaeftad planum re@a cum od ree

Cias oéslincas, 3 quibus illatangitur,que«

. Yue tn propolitio funtplano, reltos angus

los efficit.

Planum ad planum reGum eft, cum recte

Y linez,qua cdmuni planorum feétioni ad

¥ I‘E&‘ﬁiaﬂgulns invao lanorum ducitur,

. alteri plano ad reéte. funtangulos.

Reéix lineg ad oland in linatio acutus elt
Anguius, ipla inftftente linea & adialtaal-

i teracdorehélus,cuma fublimi reteillius

\s lineg terminv dedufafuerit ppéndicu-
- laris
&




e R

!

160 EVCLID.ELEMEN, gy

. | Own,
laris,atq; 3 puncto quod Perpendicyy, -

nex extremum, quod in eodem eft o li,
altcrare@alineafueritadiun@,, 200
. .6 1
‘Plani ad plani inclinatio, acutys ef} .
lus reis lineis contentus, quaein vy, ngy,

planorumadidem cummuntsfe&inn?%_g |
&i dudte, redos iph {ectioni angulos P
Ciunt- emi
LT : . 7 .

Planum fimiliter inclinatum effe , dor
num,atg; alterumad alternm dicity, pla.

dicti inclinal__:iunum anguli i“t“-'l'fc ﬁ;n m

Parallela plani ,funt que codem Bon i
dunt,nec concurrunt, ERIng,

.'9 .

Similesfigure folide, funt qua 2q,.:;
planis,multitudinﬂ x&qualibus cogﬁ:ﬁi’-
. 10 A
Aequales& fimiles figura folide fyp,
fimilibus planis, multitudine & magn-?ug
dinezqualibuscontinentur, .
¢ |
Solidusangulus,eft plurium quiy, g,....
linearum, quz fe mutud cnntingan?:m
in eadem fint {uperficie, ad ompes linege

inclinatio, Aliry
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- Aliter. .
Solidusangulus, eft qui pluribus qui duo«
bus planis angulis, in eodem non céfiften.

§ - tibus plano,fead voum pun&um colle&is
. €pntinetur, |
. | i
t  Pyramis,eflt igurafolida que planis conti. |
» 1mi':tr.lr,. ab vno plano ad voum pun&iicol.
ieéta.

L I
Prifma figuraeft f'nlidaf;ug planis contines ‘
tur, quorum aduerfa duofunt & zqualia
& fimilia & parallela, alia vero parallelo-
gramma. L
| 14 | .
+ Sphera eft figura, quz cduerfo circum quis
| elcentem diametrum femicirculo contine
“tur,cum in eundem rurfus loch reftitutus i
_ fllﬂrit,vnde moteri coeperat, f
! | I
§. Axis autem (phere, iﬂ: quiefcés illalinea
¢ircum quam femiéirculus conuertitur.
16
- Centrum verd Sphere eft idem,quod & fee
micirculi.

I
. Diameter autem Sphlm, eft re&taquedi
R liney percentrum du®a, & vtring; aiphg-
- ¥®{uperficie terminata, =.
| , Cwnus ‘

—

[

N
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| ) .1 '

Conuseft figura, quz conuerfy Cired g
efcensalterum latus eorumque 1 &y qui,
gulum continent, orthogunio triy, .
continetur,cum in eundem rurfus J,, tly
illud triangulum reftiturum fyerq, Ctm
moueri ceeperat. Atq; {1 quiefcens r;vnc!t
n:amqualis fit alteri, que Cil'cum Ttﬂﬁlh
gulum conuertitur, rectangulys Eﬁ.tllau.
nus:fin minor, amblyganius. i Ce,
ior,oxygonius,

19
Axis autem Coni, elt quicfcens i)
circum quam triangulum vertig,,

20
Bafis verd Cuni,circulusedt,
&alinea re&tadefcribitur,

21
Cylindrusfigura eft,quzconuerf, cirey
quiefcensalterum latuseorum qua rE&um
angulum continent, P“Fau“l“gl‘ammu ﬂm
thogwnio comprehenditur, cum i, fﬁdcr'
rurfis locum reftitutom fuerj; illug ("
rallelogrammd, vade moueri coepery,

22 |
Axisautem Cylindri elt qitefcensjy),
étalinea,circum quam paralle] ogramp, Je.
vertitur, 23 um
Bafes verd cylindri, funt circuliy duoby,

ad.

d linﬁ]

T 3 cirgy,,

verg Mg,

= S
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aduerfus lateribus que circum aguntur,
defcripti.

E 24

goimiles coni & cylindri, funt quor(i & ax«

®es &bafium diametri proportionales funt.

- 25 .

Cabus eft figurafilida, qua fex quadratis

f2qualibus continetur.
- 6

M ceracdum elt figura, cure triangulis qua.

or &qualibus & ®quilateris continetur.

- i
O&aedri ficura eft folida,quz o&o)triana
Baulisequilibus & zquilateris continetur,
N 28
g cdecaedrum figura eft folida, quz duo-
¥9clim pentagonis aqualibus, equilateris,
&Equiangulis continetur,

- 29 o
Btlcofzedrum figuracit {olida, que triangu
lis viginti ®qualibus & zquilateris contle
actur,

B Theorema 1.propo-

_ {itio 1.

ixedi recte linee pars
gnfubicfto quidemnon Al
- _ﬂ_-plann,qumdam VEere

it {ublimi,

Y
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164 EVCLID.ELEMEN 9
Tchorema 2.Propo- x Cr QM;,
fitioz. ‘
sidue redte lineg fe mu.
tud fecét,in vno siitpla.
no : atque triangulum ¥
omne in vio eftplano,
Theorema 3.Propo-
fitio 3,
%i duo plana fe muo ¥ o
{ecent , communis eori
{e&ioeft rectalinea, |
Theorema 4.Propo-
fitio 4.
Qi rea linea reftisdua
bus lineis f& mutuo fe«
cantibus, in comunife x
Gione ad rectos angu-
tosinfiftatilladuttoet- ¢
jam per ipfas plano ad
angulos reioserit.

‘Theoremas,Pro-
pofitios. Ar
8iretalinéaretistribusli.
neis fe mutud tangentibus,
incommuni fe&ione ad re
&os angulos infiltat, ille
tres recte in vno fuatplano, g
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Theoremas.Pro-
Puﬁtiﬂﬁ.

B Sidux re@e lince cidé

B Plinoad re€tos {int an- .

- fulm,pn rallelx erunt .-

A F{t‘: .

®reétx linex

\

| Thearéma 7. Propafitio.

g Siduz fine parallelz recix linex.in quard.
PVtraque fumypt.fintquy 4 F B

| }ibctpu&a,illalineaqlig ]
ad ha puncta adiungs.
jrar,in eodem off (i pa. &

.-:: ,!'

i:
B ralielis plano. "ﬁr%h‘
Theorema8 Pro. &
poittic 8.

. _Sidumiintpamlfefm re- |
g lince, quarum a’te-
gread rectos cuidam pla-
@0 firangulos,& rliqua

idé plano ad redosan- &

Euloserre

\ "Theoremag,Pro- AH___R
N fitig 9. '
B Quecidem re@ e linee
Rlunt paralle’® fednéin E
geodem citilla plano, hz
BIRUoque funt inter fe pa- -
gtallcle, i
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o tangétesad duasre. B,
&as{e mutud tangentes & A

e e

¥ EVCLID. ELEMEN, Grgyy. |
 Theoremazo. Propofitioq N,
Si dug reflg linezfermu - .

fint parallelg,non autem
in eodem plano,ille an.
los ®quales compre.
hendent. | _
~ Proble.r.Pro- .
. pofitio1r, %
A dato fublimi punco, -
in fubie@um plani per
| p:ndicularem re&am li-
acam ducere.

Problems 2.Pro-
- Pﬂﬁtiﬂl:-
Datoplano,ipidto quodin illg g,
tum eft, ad re€tosangulosre@am |
neam excitare, | -

‘Theoremair Pro-
pofitio13. B
Dato plano,a punto qd’
inillo datum eft,duere-
¢z linez ad rectosangu-
losnon excitabuntur ad
ealdern partes,
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Theorema 12. Propo-
fitio 14

Ad quz plana,eadem re- -

tta hnea reQaeft, ilia st

gParallela,

Tk
Theorema 13.Propofitio 1.

8i duz re@zlinez femu . -
o tangentes ad duas re-

BCtas fe mutuo tangentes
Fintparallel, nonineo-

sdem cnni:ﬁent:s lano, g
BParallela funth'EF;Ef - G.'?é e
N: Educunturplana

| Theorema 14. Propo- N

) fitio 18, 9%9 @
Pl dug. plana parallela o -
Blano quopii fecentur,o

*ommunes illorum {e. c A

3 _mnes funt parallela. .
'. Theorema 15.Propo~- S Ar'?'c ]

| fitioas, '—"F
. ldua refte linee paral- RL 1-:' L
gelis planis {ecétur,in eal

“ﬂl rationes {ecabtitur, MI l—-'n N

Theos

—
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~ tribus afigulis continea.

- vtutaffumpti tertio {unt

- quamereltis quatuor an.

13 EVCLID, ELEM{I,N GEGM

Thenremn 16.Propo- .
fition8. + T_G. x
Si re&a linea plafio cui.
tam ad rectos fit” angu-
fns il}a etlam omnia que
per ipfam plana, ad re. L
&os cidem plano angy.
los erunt, ,
Theurema 17. Prnpo.
fitiozo
Si duo plana{e mutud f'e
cantiaplano cuidiad re-
&os fintangulos,commu
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Theoremao Proopofitio2s.
-Si-plani tresanguli equalibus reétis corithe
@ncicur lineis,quord duo vtlibet affumpti,
Btertio fine maiores, triangulum conftitui
Pﬂttﬂ &x O

B lincis = | . e
8 Quales, .
dllas  re- '
&as con. _
. :iungﬂnti- c Aﬁ
; bus‘ i G - I .

Problema s Propofitioz.
B-Explanis tribusangulis, quori duo vt 1i.
Ebetailum pti tertio {1nt maiores,folidi an-
iﬁ“lum conftituere, Decet auremillos tres.

angulosretis quatuor efleminorss.
| B E H L.




o' EVCLID. ELEME ). GEGJ ]

Thicorema 21. Propo.

fitio 2¢ - I o
c T

Si folidum parallelis pla. &[ |

" piscontineatur,aduerfa R
illius plana & ®qualia . = -
funt & paralle logram- §

oma

\

Y

. |76

XA
| y Wl r
Theorema 22, Propo- :
ﬁtiﬂi’- - X E
| AV R
Si folidum parallelis. g | &
planis contentii plano -
fecetur aduerfis planis W b
parallelo,erit quemad- |
modum bafis ad ha- ¥ 3

fim; ita folidumad fo.

Lidum. N




LIBER XI /¢

Problema 4. Pro- A o
- pofitioz6. '- C’% X
B Addatam reétam linciﬁ

-eiufdue punétum,angu-
i lum folidum conftitu-
‘ere {olido angulo dato —¢ g
+ ®qualem,

‘ Problema J.Prnjanﬁti’h 7. ..
% A dara rea, dato folido parallelis planis
' t,nm rehenfio fimile & fimiliter paﬁtum
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ex his tribus fit folidum paratlelic .-,
contentum, zqnaleeft deferipro 3 11:1 :ﬂ!t
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Siplanumad planum rectifir, &3 quogs’

unftoeoriquein vno -
Emt-planurﬁ perpendi.
cularisad alterum duéta
fit, illa que ducitur per- !
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defcripta) diametris quadrata. /

Tueoremas.Propofitio . 1
Omnis pyramis trigwnam habensbalim,in |
duas diuiditur pyramidasnon tantizqua.
ilts & fimilesinter fe,fed totietiam pyrami=
L difimiles,quarum trige o, 2 .,
Rz funtbai%s,atq; induo "N / N\ R
prifmata equalia, quz 7
duo prifmata dimidio 7
| Pyramidis totius {ut ma-
X iora, e
. Theorema 4. Propofitio 4.
& St dueeiufdem altimndinispyramides tri
¢ Bwnas habeir bafes, fit afitillarum vtraque
diuifa & in duas pyramidas inter fe gqua-
IFStuticj; fimiles, & in duo prifma zqua-
hﬂ.ﬁc eodem mododinidatur verag; pyra-
| midum que ex fuperiore diuifione nata
& funt,idque perpetud fiat: quemadmodii fo
| Rabet vnius pyramidisbalisad alterius py-
¥ riidis balim, 1ta & omnia qug in vnapyra.
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Thenrmﬁa 1. Propo.
| fitio16.

Dyobnscirculiscircdidem cenery

filtentibus , in maiore A o
chreulo polygonum -
qualiuvm: partumdue la
terum infcribere, quod
minorem ¢irculd non
tangat, o
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Problema 2-PropofitioYyy;
Duabiis {phariscircum idem cenfrumcoh.
fiftentibas,in maidrem (pherafblidim po-
. ediun inféribere, quod mifdris{phara
fuperficiémn non tangat. |

Theorema1é.Propofitio 13.
Sphere inter {e rationem habent fuarum

diametrorum tri plicatain.

ELEMENTI X11. FINIS, -
A I‘ o ;




16

EVCLIDIS

DECIMVMTER IVM
- "ETSOLIDORY
 TERTIVMN,

-
'_:

| Theoremar. Propofitioy,

" Sirota linea per extre.

mi & mediirationem fe.

éta fit, maius fegmentum

qund totius linez dimi.

- dium aflumpferit, quin.

'tuphim poteft eius qua.

-~ drati,quod i totiusdimi.
diadelcribitur,

" “Theorema z.Prnpn. 1
ﬁtlﬂl Cy

SireQalines fuiipfius fe.
maenti quintuplum pofe

%t, & dupla fegmenti hu-
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- . ymaius eﬁmentﬁ reliqua
pars eft incz prlmum )
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“Theorema 3. Pro- - 4.
pofitios.
31 refta linéa per ex- ¥
* tremi & media ratio-
néfeda fir, minusfeg-
Y. méri quod maiorisde |
gmenti dimidiumat- © L % °
) [umpferit, quintuplum poteft-eius, qudd
Amaijoris fegméti dimidie defcribitur,qua.
drati.
Theorema 4 Propofitio 4.
Sire@a linea per extres x cC_ B
tmam & mediam rationé
el fit, quod 2-tota, H
~quodque 3 minore fe-
L gméro ltmul vtrag; qua-
. drata, tripla funt elus, .
| quod 3 maiorefegméro D « »
defcribitun,quadrati,

‘Theorema §.Pro- . B
pofitios. - ‘
b Giad re@am lineam; »__c AT
{  queper extremam& a
meédiam rationem fe. .o ‘
' cetur,adiunda firslte
ra fegmento maiori 9’@, '
gqualis,tota hzclinea

: - yeftaperextremam &m:déam rationéfe-
., . ' 4 v
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. ‘Theorema o Propofitio 9.

" .S“atushexa wni8clatus: e

decapunieidem circulo ”

) infcriptorum compofita

+ {16t tota re@a linea per
- #Xtremam & mediam ra

[ tionem {e&aeft,einique

t {egmétuim maius,eft he-

Xagwnijatus.

C Theoremaio.Pro-

- pofitiore,

Si circulo pérge.
. bum equilaterum
- inferiprum;fir;pen
tagwini lat® poreft
8 latus hexagwni
B & latus decagwni
e¢idem circulo in-
feriprorum. Sy

Th:r_emaxi.Pmpnﬁtiﬂ II.

b Stin circulo gylavhabente
b diametrum , inferiprum
L itpentagenum 2quilate-
rum,pentageni latusirra-
tionaliseft linea quz vo-
catur Minor. « B
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r2 diametri po- X _¢

- tentia dupld-efle Qﬁé» ‘ ‘
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L potétia }
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¥ eflelare
B isipfiuscubi,
Problema 4. Propo-

fitio6,

| lcufaedrum conftituere, eademdue fpha.
j -T3qua & antedictas figuras mmpler:'t:, at-
Queprobare, [cofaedri Jatus irrationalem
efle lineam,quz vocatur Minor.
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B Sedextribus trizgulis.conflas Pyramidis angylur
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fex angulivedis quatuor aquales . Qttod fieri n8
poteft. Nam falides ommis angulus menerbus qua
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' Ob eafdvmn fane caujis, neque cx plavibus yua pla
nis fox cinfindoi angulis folidm confiat.
Sed-ex tribm guadyasis,Cubi angulus coniinetuy,
- Ex quingue, nullus poseft. Rrfus enits veiki qud-
tuor erunt,
Ex tribus auré pentangonis aquilateris & aquidne
- gulis Dodecazdy angulus contenetur.
. -ded ex quatuor, nullus poteft.Cun enim pentagse
- miaguilateri angulus velkw fir, es quinta Yocts
- parserang guatuoy angulirectis quaiuer maio.
ves. Quiod fiers nequit, Nec fane ex alijs polygenis
figuris folidns angtilus continebitur, qued hing
quoque alifurdum fequatey . Quamabrem pere
Jpicunm efd, prater diikas quingne figuras alia
Jiguram folidam nonpufie confittu, qus ex plae
' wis&quilateris & &quiangidis Contsneatur,
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Hlud cersé ab omnibaus petfpict poteft,qugq frigs 1
Apelloniss,ciom fit in omuiin manibug, Quod a4
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L Fvidfiffe videmar, id monimentis confignatum tibi
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