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Persif &nﬁq Heredes €umpe ey

' Vs11.1vs hicpartus,Spei
optime Adolefcentes pau-
cisab hinc annis ¢ magni -
Euclidis vifceribus nel%o
quo bono Machaone ex--
tractus; ac leuidenfa, vefte {cilicetcrafio,
& foloci filo , nifi nauultis centone coh-
tedtus; & qua{' < xeganos milcllus errans
Perfio Roffio Impreflori forte , vt fit, in
T 2 itinere
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itinere occurrit ; adeoq; illum fuain hu-
iufmodi ¢tatrula Parentum orbitate com-
mouit,vt preter indolem, quam vultu, &
acutis refponfionibus optimam prafefe-
- rebat, domum éxtemplo manu arreptum
deduxerit. Vbitrito, & {quallido illo
amictu reie¢to nouum Typis indumen-
tum,quanta potuit diligentia, circumue-
ftivit,& modo quodam interpolauit.Sed .
- (heubreuem vitz noftrx fummam ) Per-
fius hic inuida nobis morte ereptus nen
.- poritvegitata perficere; & ille apud nos
“.. ciisHztedes effe viterius non ferens fup-
" plex ;& Tacrymabundus petijt, vt fe di-
mitteremus, & ad vosdimitteremus ,ne
priorem denuo fortunam dimiffus expe-
riretur , quod nempe vos vni ingruente
nunc hyeme ipfum ardenti veftro 2 fri-
goribus ardore defendetis; fub acri xij.
Virum, imo Patrum amantiffimorum cu-
ra, & cuftodia educamini-;. Prater cete-
ras Artes , quaiftic vobis traduntur, vna
eft Lingua graca, qua graci Patris fui, &
Grecie Patrie fepius recordabitur,eftis,
- - & vos



“

& vos paruuli, & pares cum paribus facil-
limeé congregantur, & apud vos demum
Mathematicus profitetur , ui bono ip-
fum nafo nequis malo awdax fufpendat, -
potéter vetabit,illud creberrime fuccines
Inscni Portam , [pes , & fortanavalese ,

- Nilmihivobifcum , ndste ninc alio.
Quibus auditis , & vehementer probatis
confcij in primis Perfiana voluntatis ,ec-
cead vosiam illum dimittimus , arden-
terq; obfecramus, vt qui ipfe, & nosani-
mi letitia id facimus , ea vos illum exci-
piatis;nos Clientes veftros protegatis; &
pijs Perfij manibus ben& vique precemi-
ni. Illum igitur Ardentes humaniffimi
arridentes fufcipite pro certiffimo haben .
tes, fi ipfuminter familiares veftros ad-
{ciueritis , nec nos obfequij , nec vos fa&i

' vnquamin pofterum poenituros. Valete,
florete,proficite. Bonon,.ex Laribus no-
ftris Id. Nouemb. M. D C. XXIX,



: it Vas Mathefeos aliaseffe, vecte
4 \&i feripfit Plase;Geomesyiam.cr
5/4| Arithmesicam . baspofieriore
Seaia| chm wtcangwe inflyncla iom

, fndivfa inwcntns videresnr ,
Sfuperesat , vt cadem & prisve inflymercrar .
Itag cum de havends aliguna Geometyico-
rum Elementoram Episeme cogstastionem
Sufcepiffem, mibilg melius ipfo fwmme Geo-
mcsya Enclide in mentem vensffet; caps fo-

licitws, & mecum ipfe , & cam alys quogne
" communicaio confilro deltberare , querinam
DOBI[simlms ex tanta snrerpretum inrma,
_— quam-




" quamaque adeo in uniner[m Farionen En-.
chidis publicandi delsgerem . Mens vna fuit
omninms , inwencnrem nimia lshri mole xom
¢ffe granandam - Recidenda ergo mece(farse

Juerans primauwm [cholia , & commentatio-
nes aliene ; quibws pleviqwe. dum ingenio fao
sndseigent maxime,minimé nobis Ewclidem
ipfum reprafentarant . Tum deinde quo-
Biam Vix aligua apparcbat tam religiofas
nterpresatio.quse non ab Autere; ji (walin-
goaloquentem. andias. bisensins [whindes
recederes s optimam falinm videbatny fiin
Lasinwm fermonem deintegro conuerseve-
s8y. Adeamcgoprosinciam postiguam ag-
greffus fui y illud antigniffimacure babui,
vt guamlibes fimplici diltéone , genninam
demonsirasioncms [enrétiam ex Graco prova
[us exprimerem o [ed proinfiinsa brewisase

 werbs fic appenfis> vt longiorem alicubi cir-
cum ductionem panllo brewiori gyrb collige-
zem . Poileriores tamen libri quinti propo-

Sisiones , quoniam in Ewnclide defrderaniar ,

Jrawdi non crit carnms loco Pappsi Alexan-

driniex Commeniargfs Federics Cmm;a-_
‘ ini



 dini fubflituifie. Qnin ad difficiliores etiavs .
definitiones brewiculas notas eo confilio ap-
po/wi, neinipfo. flatim limine ant hareres
Lector , ant alinnde [wbfidism pesere coge-
rerwr . Dewig, nosam, @ decimam propofi-
sionem libri desimiseresy idcivcs adieci,ve f§
Zu': Triangulorum Canonem , hoc eft , T a-
wlae Sinuam , T angentium & Secantivm,
ANS comdere, ant comditas A Typographoruns
non infrequentsbus mendis vimdicare cupe-
resy id libells bwises anxilio poffet . Vale Le-
tor , & his laboribus woitris ad Dei gloriam
vicre. Bom.9. Nowemb.Anno Chriffi.1629.
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LIBER PRIMVS
ELEMENTORVM
EVCLIDIS

Lzbrs Sex prioves.ex Grace fonte .

H’ﬂ”ﬂdﬂ.
EVCLIDIS ELEMENTVM PR\BMVM.
Dcﬁmmu;s .
r Pun@omcficiis parsillas o

-2 Linea , longirudo latitudinis expers.. -
g mea termini fume pundta . -,
‘ 4 Re@a lineaeft,quz ex zquah
e wamene - {1118 1ALET] Jcm’r funthy. “
5 Superticies. et ; qine Torg
—"""-1 -dinem, &Iamudmcm tantlt bet.
;‘ . JT l6 Superﬁc:ex teriini fufit linex,

e ———

i % Plana {uperfictes cﬁ,qu:e exx,

P th intés{uss linéas iacee’!
‘ -8 Planus angulus dtsduarum 1o
et o nearum in phno e 'mutue’ tigen-
Cortu o thumy, &ndin dire@um naCeéumi
\‘ ... alterius ad alteram inclina i,

- In dsveituns 1acere dicnnivr da h-'f
aognigd oo e o ex illss fis una qug
' P ; >y Silinez angilum €ontinét
re&z fuerint ,.teti &lncus angulu
ST dicitur . i e



) LIBER L
- A ro Sire®alinea fuper reQam cont
" fiftens,eos,qui deinceps funt angulos

% . zquales fecerit , re@us eft vierque -

R qualium angulorum Et infi ftens re.
C "B~ D &a,perpendicuilaris dicitur eivs , cui

infiftit, -

Linea A B eomfifiens fuver C D dicitur
pevpendicularis . Angili ABC, ABD dnumur reldi
disuninr gusque ang I’Jniu'eg

11 Obtufus angulus eft, qui
maior éft reo .
12 Acutus,q re¢to minor eft.
13 Terminus eft, quod ali-
cuius eft finis .
PR AN 14 Figurd eft,quee fub aliquo;
aut aliquibi.terminis continetur,
Circulus consiniesur fub wna linew civcilari.
is Circulus eft fign-
ra plana ; fubvna linea
contenta, qu periphe-
ria dicicur,ad quam om
. nes linez ab vno pun-
" &ogorum,que intra fis
-guram funt cadentes ;-
_ quale$ funt.
16 Punﬁumim:cm 1Uud cenr.mm circuli diciv
thr (nimiram A, :

-7 Diametrus cxrchll. , cﬁ qu‘ednm re@4 lined
per centrum a&a ; & ad wramg; partem periphe -
riz cixculi termmta,quz. & cn:culum bifarigmi fe.
vc,a_;,pmpalma BC. -

PR ¥ Semmrwlus eft figura ¥

. ﬂmmettor, & intercepta circuli
peripheria contenta,

41 . 19 Seg~




LIBER L 2
R © 19 Segmetum cu'cufleﬂ:,quod
. Q ire@alinéa, & ’ﬁmphetu circuli

continetur,, "

20 Re&ulinex figura funt,que re&is lineis con
tinenwr . Trilateta , que tribus ; quadnhtcré
que quateorsmultilaterk que Plunbus quiam qua-
tuor lineis redtis continentiir,

2t Trilacetaruim figurarum ,
zquilaterum tridgulum eft,quod
tria latcra habet zquaha > s

22 I(ofce!es quod dwo tantﬁm
zqua lia habet latera .

. 3%, Sczlenum » quod omxua
T tria m;equaha habex latera .

: ! Aan

14 Tnlazernmm przterea ﬁgu.
rarum re@angulum triangulum eft 5
qued reGum angulum habet,

35 Obtufangulum, quod obtu-

fum , veeftfignra sy 2
: : 26 Acutangibimfquod tees acu-
tos habet angulos. i funs ﬁgum a1, é- 2.
27 Qu_adnlatemru ﬁgm:uum,%u
<2t dratum eft,quod equilaterum & ¢qui
angulurn e,

IR - I

i B A 2 28Ak



LY I B E R Ia
™} 28 Altera parte longior figus
-T2 eft,quae xquiangula quxdem > A%
non zquilacera eft .

\ ‘ 29 Rhombus,quae aeqmlaterz,
) :equunoula. verd non eft..

30 Rhomboides,quaz op.

' * ‘pofita, &latera, & angulos
:.equalxa. habet,at neq; £qui=
LT la.tey,a eft,neque cquxangula. :
] . 31 Reliqua ab his qua-
. drilatera, \ocentur twape=
———> - 3,

" oo e 32 Parallele recte lmc:e siit,
que in codem plano exiftentes,
&viring; in infipitum eie@z ,
in neutram partem coineidunt . #

:Poﬂuldm .
P Oftuletur 3 quouxs pun&o ad quodms re&am

lineam ducere .
_ Btre@am lineamyterminatam in contmnum , &
dire&um producere..
}ﬁ:&;uo%cenuo & interuallo cn-culum dcfcn-

SR 3

bere.' R .
. €o um;[cmmial‘enamlo»inu.

2 eidem funt zqualm S & inger fe_fung
ualxa .
2 Et,



LIBE RIS 3
2 Et ﬁzquahbusxqualu adduntar , tota font-*
zquaha .
< 3 Etfiab xquallbus zqualia tollantur. 1rehqua
funt ®qualia-

4 Et,fi m‘equahbus ¢qualia addantur,tota fune ..

inzquialia .

s Et,fi ab inzqualibits zqualm‘ahfcnntur ,rc’- :

quua funtinequalia. o
6 Et, quz emfdcm font: dupla s mtcr fefunt Ea
quah:& SRR

< 7 Ef, quz emfdem fuht dlmxdla 3 mt& fc ﬁmt_ .

‘aqualia, -
8 Et, quz GBx m(uceni cong r\mm N mtetfe fuﬂ’t
®qualia.
-9 Et,totdm eﬁ niaiuc fua pmc . '
1o Et,omnes anguli rei inter fe funt 2quales.’

11 Et, fiin duas re@as Lineas reta incidens ans_

gulos mtertotes ; &adBafdem’ ‘partes’; duobusree
&is minores fecerit , coincide,t duz 1112 linézin
“finitum protradle “verfus:lldm p pariein; adyhdm
funt duo anguli duohus reéis minores .

12 Et, du"e te&z fpacium non concludunt .

SR ?ropn[' tiones .

- P:opofmo I. Piglembar., =

Super data retla'lined seymhinata trmgmmb
L aqmlatemmcon suerd ;.

“\_

“Pﬁf L= oporteat

l'lz- E_ conftifiere . 4 Centro

2O @ribatur circnlus B
A 3 D.Rur-

SI \datﬂ rc&a AB
triangwlum 2quilateri -

s - dvertaflo ABldE-"-‘ |

i\ "



é LIBERE

bPop, - C D, Rurfus & centro B,
3. in llo BA dcfru-
I /A\ ~ bawrcircuus ACE: &

E  exC, vbifecirculi fer
. / . ,c;ptad’A B 'i;r.&a,
‘,‘ﬂ"’ i -' ¢ ducantur‘reflt’;k CA,
CB. Quoniam A centrumefy cxrculx BC Dyderic
d df. {C zqualisipfi A B. Rurfus,quia B centrym eft
"J ¢irculiC AE, e erit & B C xqualis ipfi B A. de-
'f mohftrata eft autem & C A xqualis ipfi A Bivera-
F queer oCA,CquuhsgﬁxpfAB fqu,zau:c
€%.1» cidem funt zqualia,& inter fe funt zqualia -igitur
CAzxqualiseRCB:tresergoCA,ABB C funt
zquales. Quaretriangulum 4 BC eft zquilage-
um,& fupcr rea AB con#uutuq ngd facerc

. oportuxt .

Propof. 2. lirétilema 2,

stusms puniiurg date vella lince 4qualm
vectam ponere. '

Tntdata s pun&u

S Are@aBC, &
" oporeeat. id pun&u
_Are@te B C zqualé
onere . Ducatur ab
‘AadBreQa A B,fu-

2prop, - pera e:q,conﬂnu—
1.1, tyr trian uin(p requi
13 yoﬁ. Taterum DA By pro

B \ ) ;.:oa .du&is in direGtumip
¢ paﬂ, ﬁ;I}A,D BinE & Bic Ccmnq B, igtesuallo BC
{cﬁt;ba.tur circulug CG H. Rirfus d cefitro D,

‘ inter-

- {

N



. L I B E R. w I- 7
interuallo D G defcribatur circulus %l L. Quo- dpe.
niam ergo B centrum eft eirculi CG H, e eritipfi 3.

B Czqualis B G. Rurfus cum D fit centrum. cir= ¢ def,
cuiGK L, f erit D L 2zqualis 1pfi D G:gquarum 15.
pars D A eit 2qualis parci D B: b reliquagrgo A fdfe

L zqualis erit reliqua B G. Oftenfa ";}} autem & 1f.

B C zqualis jpfi B G:vtraqueergo A L;B C¢qua- gprop. -
lis eftipfi B G, i Quz autem eidem funtizquslia, I.

& inter fe funt equaliazergo A L rqualis eft-ipfi hax.3
B C. Quaread punctum ‘E;um A,datzreQe BC i axde
#qualis eft pofica , AL, Quod facere opor:uit,

~ Propol. 3. Probl,3, .
Datis.duabus inaqualibus veflis lineis, @
" ‘majoreminovi &qualem abfcindere,

@ Int datxe reCxe
inzqualesA B,
. & C; quari maior
fit A B; d qua'y mis
" nori C, zqoalert
abfcindere opor
tegt. Sit a ad pun- a peap,
SR . : &umA,:e&z%m-'z?'x?
qualis pofita , A D.& bcentro A, interualio:AD; b gofby
deferibacur exrculus DE F. Et quia A coperumett 3o,
cicculiDEF, cerit AE zqualis 1pfi AD, fed & G © defs
zquahiseft ipfi D A:ytraqueergo A E, € zqualis 15,
oft ipfi A Drigitur & A E zqualis erit ipfi C., Dug+
bus ergo inkqualibus datis re&ss lineis A B, &C;
dmaiore A B, minori C xqualis et abfcifia , A Fs
Qued faccre oporruit . AT San

A 3 ‘Pro-



"8  LIBER.L
7 Propohg, Theofur.

.o . Siduotrianguladuo latera.duobus lateribus

\ - ";eqqniin ‘bdbyqrint, alterum alteri; babue-

. Yint auters & apgulum angulo, aqualibus
.. laseribus cotentum,equalem e bafim bafi
-t Cvatqualens babebunt:eritgseriangulum trian
| 8¥lo-#qualeser reliqui anguliveliquis an-

gulis aquales » quibus aqualia lasera fub-

tenduntur , .
: A . Tnt duo trif-
‘o S - D — *'gulaA;B.C,
i \ - é ;DEF, quz duo
\ " lateraAB,AC,
BSf—C E F  duobus DE,DF
SR zqualia habeit,
viramque vtrique;A Bipi DE, & ACipliDF, &
angulum B A C,angulo E DF. Dico quod & ba-
fis B G, bafi EF fir equalis ; &triangulimAB €,
teizoguled E Fu& reliqui anguli reliquis , vterqs
are s wtriqite,quibus equalia lateta fubtenduntur, fiem-
-+ * peABCipiDEF; & ACBipiDFE. Sienim
¥ fapér stiangulumA B Crriangulo D EF* congraaty:- &
ponasir. A fuper D ponatur , « congruet A B reGa reée
aax8 DE,&BiphE, quod AB fir zqualis DE.:Con«
© . grucnte igitdr ABipiDE, congruet & ACiph
DF, quod angulus B-A C asigulo E D F fit ®qud-
lis:ideo & Cipfi F congruet, quod & A-C zqualis
ficipfi DF. Sed& B'ipfi E congruebat. Quare &
bahs B Cbafi EF congruet.. Stenjm congruents.
B 1p§ E,8 Cipfi F,bafis B C bafi E F né cdgruac,
IR S R : conti-



LIBER I :
cantinebunt duze re@ fpacium ; b quod fietine-b watss
quit . Congruet ergobafis BCbaflEF, & ®qua-
lis illi erit; adeoque totum triangulum A BC toti
arangulo D E F congruet, ¢ eig; xquale €rit: con< ¢ ax.8.
‘grient ergo & rel:qua anguli reliquis,eritque A B
Caigulus angulo ,. DEF, & A CBipi DFE ®-
qualis. Siergo dup triangula due latera duchus
lateribus zqualia habuerint, &e. . .

etV ]
. g
e U propof, §« “Theor.2.. v e
fofcdlinm tiangulormmy anguli ad bofivy frimt
aguales: &~ pmd;ifll_‘z’;"étg:ul‘i\' i nﬂx:,‘
- evuns & anguliinfea 5-’!5‘3?‘“1"*391#5_'-: by

— cy o

T - Q Iggriangulum A B.C,
O A S»hahcnslamn&li}:—
teri A C zquale, Produ~

© cantr incdire@um A B,
ACred2»inD & E.Dico
“angulum’ A B C,angulo

ACB; &CBD;ipaiB C
E-zqualem efle . Accipia-

3 turin B D quoduis pun-

i BN A Lol Qum F; & a anferatur a aprop,
maiori A E,minori A Fequalis A G: b dueanturg; 3. 1.
2e&eFC, G B.& cum A'E,ipfi A G; & A Byequa- b pofi.1
Jis i ipfi A Cserunt due F A, A C,duabus G A, A
Bquales 5 alteraalteri,  continentdue anguigm ~ -~ o
Lofmmunem F A Gre erit igiturhafisF CLafiG B ¢ prope
&qualis& eriangelum A F C wiangulo AGB, & 4.1,
reliquianguli religuis,aleer akeéei, quibus equaka’ " %
Jacérifubtenduntar ; nempe A CF ipiAB G, *F ¢

-A F CiipfrA G B. Etquiatora A EtotiA & equar

lis




10 LIBER L
dax, 3. lis efty,quarum A B eft 2qualis 1pfi AC; d erit &
: reliqua B F,religie C G 2qualis . Oftenfa autem
elt & F C 2qualis ipiGB. Cum ergo duz BF,
+ F € duabus C G, G B equales fint altera alveri: &
angulus BF G angulo C G B zqualis,& bafis B C
eprop, communis, e erittriangulum B F C triangulo C
4.1. GBaquale; & reliqui anguli reliquis alter aleeri,
quibus 2qualia latéfa fubtenduntur:ergo & angu-
lus FBCanguloGC B, & BCF ipiCBGx.
. qualis erit . Et quia totus A B Gtoti A CF often
- fus eft gqualis,& C BGipfi B C F;eritergo & re-
liquus,A BC reliquo A C B zqualis:& funtad ba
fimtrianguli A B C; oftenfus eitaurem F B C an-
gulus,angulo G C B equalis,& funt fub bafi. Ifo-
feelium 1gieur triangulorum anguliad bafim gqua
lesfunt , & produdt's xqualibus lateribus, etiam
anguli infra batuh. Quod demonilrare oportuit .

-+ 'Propol.6. Theor.3. -
o SE trianguli duo anguli equeles fuevint ;
L i erunt g latera equales angulos [ub—

o ~ tendentia s aqualia . |

. 3

_,_‘,,,:",.. COA S ~Q It triangnlum A B C ha-
T “ .43 bensangulum A B Csan-
alterum maius, fir mains A B,

i B
S a Auferatur 3 muiore A B,
1% minori A C zqualis D B, ducaturque D C.. Cum
3-* érgo DB, A C zquales fint, communis verd BC;
<cruntduz D B,B C,duabus A C,C B, zquales,al-
. tera

' folo.A C Bzqualem.dico &
atera AB, A C qualia effe.
Sienim funt inequalia , erit



[ .

LIBER I It
tera alteri ; & angulus P B C 2qualis angulo AG -
B: bigitur & bafis D C, bafi AB etit ®qualis, &. b prop.
triangulum A B C triangulo D B C, minus maio= 4%
ri, ¢ quod eft ablurdum 3 non igitur in xqualis eft €#**9
A B,iphi A C:ergo.¢qualis , Quare fi triangiliduo
anguli gquales fuerint,erunt & latera, gqualesan ..

gulos fubtendentia , 2qualia. quod demofiftrare
oportuit, ;

Propol.7. Theor.4.

Stper cadem vetalines , duabas vedlis lineis »
" alie due velle aquales altera alteri, non
*-conflituentirsad alind asg; aliud punitym,
ad eafdem partes, eofdemy; cwm primi du-
¢éhis teyminos babentes , ‘
o I enim fieri poteft conﬂigua.
L ST P tur fuper eadem reéta inea
_ A B,duabus re&is A ¢,C Bidue:
\e;7 aliz AD,D'Bgquales,alteraal- -
<\ teri, ad aliud atquealind pun- -
@&um C & D, ad eafdem partes
A P A, Dyepflem terminos habéres
s T ARaquos prime:ita, ve C Afp.
G2 DAL 5 G DAscundem cum ipfa tesnt-
misunp Ahabeny,€ B verd ipfi D B,cuadem cum
illa tegminum B habens , fir zqualis, & ducatar C
D Cumergo A.C ftzqualisipfi-A B, » erit & aprop.
angulus A C D equglis angulo AD C: maiorer- §-1-
go et A D Cangulus; angulo D C:B: multe ergo -
aior C:DB.. Rurfus cum C B equalis fis iph D
Bserit & angulus CD B angula DCB xqu%hs;:
S S . T often~

H )



11 LIBER L .
bax.o. o feénfis autem eft muleo xllo maior. b Quod fieri
non poteft. Non igitur fuper eadem re&a lined
duabus re@is lmens,ahz due rex 2zquales,altera
-7 ? alteri conftituentur ad alind atque aliud punétum,
ad eafdem partes,cofdem cum primo duétis termi-
nos habentes . (l_od demontftrare opomut

Propof 8. Thtor. ‘ '

8i dus triangula duo lasera duobus latet:ibu:
aqualia babucerint , babuerint verd & bam
f im bafi equalerss babebunt guogne angu-
lum aqualibus lasesibus comtentum angu~
lo .equalem .

‘-V m«mgﬂﬂa‘!ﬂ,@;b E ﬂ qu‘e habea.ht
b dh;cl‘aﬂ%“ﬂ(?" DE,DF: ualid,

’ é} DE, & AC lpf D
SR F ‘equ #lés - Dico
ﬁ%;lo DF fit equalid’s
ong, A'B C, tnﬁhgdlo‘b

? BF;pdﬁcoqdé F&'Eqa BC fu

a8 @ congruet & Clip 119 qﬂﬁd’B C,E F’e e&ﬁn.
Couprente igitu 1pfa BCipGEF k&ng’,&umr&

BA,C A,ipfis ED,DF.Quodfi congfuavquride;ﬁ
bafis
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bafis B C bafi E F:ar B A, A C litera ipfis; ED,D
F,non congruant, fed alid cadant, vt {nnt E D, D b
F, b conftituentur fuper eadem re&a duabus re~. 22"
tis,aliz duz re&e equales, altera alteri, ad aliud 7.1
atque aliud pun&um,adeafdem partes, eofdem tex
minos habentes . Atmon conftituuntur . Non er-
go congrueate bafi B C; bafiE F, non congsuent
B A,AClateraipfis ED,DF: congruentergo.
quare & angulus B A C angulo E D E congruet ,
eique zquafis eric . Siergo duo triangila,duo la-
tera duobus lateribus 2qualia’ habeant, alterum
alteti, habuerint verd &bafim bafi qualem , ha-
bebunt quoque angulum 2qualjbus lateribuscon-
};ntum,arrgulo xzqualem . Quod oportwedemdp. "

are . UV L :

o 'Pr&péf,'g,‘_l’robl.‘}.“ L

T SRR T L

Datuns angulum relineum bifaviam fecares

5 i A ."S:Itdatusangulus‘i@; rd
‘ cos o) Gulineus BA Coque -t

-1 oporteatbifariam feea.
re. Accipiatur quoduis
pyn&um D *Arque aex 2 props
\ﬁ, ipfi AD, zqualis 3. 1.
Voo wigeratgr A Er & fiupér
.odiiétam D B, b contti- b prog.
: ‘e‘ tfatur eriangulum gqui. 5. ¢,
SO Jw oot latorum DEF, & -
gatur A F. Djeo angulum B AC re&a A Fbifa-
rjam fecari. Cum enim A D, A E ®qualesfint,
communis A F; eruig duz B A, A F, duabusE.A,
A F.equales,altera alteri,eft verd.& bafis D Fbak c)u["
EF 2qualis: ¢ ergo & angulus D A F,anguloEA g ©7
o o Fyxquas
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F,#dualis etit. Ditus ergo angulus reilineus.

BIAC irea A B bifaridmfecacur | Quod faccre
’ oponmh ‘

; I' Propof.10.Probl. 5.
Damn rcéhm ﬁmamb:famm [ ecare.

It data rc&a ﬁ’mta. A
B,quam oporteat bi+
»fluzm ecare, Conftitua-
“tur foper illa triangulum
. zquxlaterum ABC, a &
“fecerurangulus A C "Rbi-.
firiam re@ta CD. Bice.
re&am A B,in D bifariam
efle fe&tam.Cum enim A C,C B 2quales fint come

whis C D:eruntduz'A C,C D,duabus BC,C B
xquales, altera alteri, & angulus A C D angitlo B

bprop. C Deequalis: bi )gxtur & bal?s AD =q u:tis eft baft
4! BD.data ergore@afinita A B in D feétd cft bifa-
riam, quod facxcndum erat,

Propo[ n. Prth 6

mm veételines ex punédo in illa dato lineans
T vedlamad angulos rechos ducere .

It datz re&a A B, dzl:um’ in illa pun&um (ﬁ'
oporteatq;ex C,ipfi A B re@am lincam adan-

a P’”P gulosre@os ducere. Accipiatur'in' A C grroduis
pinftom D, & « ponatur ipfi C D zqualis CE,’

b ‘P"of b cenflituaturque fupet E D triangulum zquilase-
I.t.. mmFDE, & ducatnr FC, Dito ad ptm&l?;(:
e
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.‘F . datz reftz A B ad
. " .. angulos reGos effe
. ... duéam F €. Cum ’
: enim DC,CE fint
/- % v zquales ; FC com-
A » : B . mugis; erunt duxeD
s were. . C,CF,duabusEC, -
. D € - E . .. CFw=quiles,altera
. I, alteri: fed & bafisD ¢ prop.
F,eequalis eft bati E Freritcergo & angulus DCE ¢~ |+
zqualis angulo E C F;& funt deinceps . d Quando dd:f.
autem tre@ta fuper reGam conhiftens, cos qui dein-
ceps funt angwos,equales feceric,retus eft veerq;
2qualium angulorum:re@iigitur funt anguh D C
F,F CE. Quare date re@x,ex pundto inilla dato,
du@ia eftad angulos re@os,re@ta F C, quod facere
oportuit, ' ) '

* Propof,x 2. Prob.7,

I10.

. Ad datam infinitams , & punéio dato extrail-
lam perpendicularem reﬂanguc‘m. '

fc dwareda infini
ta AB, pun&um
extraillam €. & opor
. teat @d reddm daragn
.. ABex'pi&6 C;quod -
"t inillanon efb.perpen=
: diculdrem fedam du-
* cereld Acespiatur ad
. alverag partes re@z A 4 poffs
00 o B, quedyis punéta D, 3.
& e centro C intesialo CD cisculus ‘EF G de- p, ppep,
feribatur,¥ dividaturque B G in H hif;riam:d"gi_s 10. 1.
. ' rects
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tectis € G,CH,CE. Dico quod ad-datam infini-
tam A B,d pun&oextra illam dato C, perpendicu

" laris du@a fit C H. Cum enim G H,H E fint ¢qua-

¢ def
d p;ap.
8. 1.

e def,
10. -

les , H C communis:crunt duz G H; H C, duabus
E H,H Crequales;alteraaleeri ; ¢ fed & bafi C G,
bafis CE, eft ®qualis ; gficd ergo & angulus C H
G'angulo E M C 2qualis;Sedunt deinceps. e quixi\-
do autem re&a filper re&am confiftens,eos qui de-
inceps funt angulés, xquales fecerit,re@us eft veer
que 2hualium angulorum , & infiftens linca , per-

© .. pendicularis dicitur eius,cui mfiftic . Qpare ad da~
;. tamre@am infinitam A B a purifo extra illam da.

to'C, perpendicularis duta eft, C H. qued facere
oportebat. - - . - -

- Propefi13. Theor.s. - .
Qudndy linca velia fuper veilam confifiens

angulos facitsaut.duos veltos want duo-
’ bus vecdis wquales efficit

— B&4 .a. quedi A B,fu
N\ perreéta € Dygonli-
ftens,angulos faciat C BA,
> ABD.dicoilles,autduos

o e 7 reétosaut duob redtisequa
i . . lesefle.Sin.CBA,ipiABD.
D R & eft equalis,duo a ré&i func.
f ‘B “ '« Sinon: ducaturd punéto B

ipfi C,D ad angulos re&os,

" BE: b.ergoCBE,EBD duo re@ifunt. B quia -

“C BE duobut CB'A,A B'E,zqualis eft,fiappond.
tur commums EB .. eruntduo C BE, E B D, triw

. .bus C B'A;A'BE;EB D xquales . Rurfus cum an-
. -gulisDB A, ducbus DBE, EB A zhualisfic; R

P mq‘damr camumuris A B Certrcduo DBAABC

tribus
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tribus D B B.EB A,A BC &4uales. Oftenfumeft ;. -
autem & dues C B E; E B D,ijfdem tribus,zquales: '
efle..c. Quz autem erdem funt-xqualia ; & inter fe’
funt zquatiaiduo igitur C BE, E B D #quales fiine: € %1+
Juobus DBA,ABC: {¢d CBE,EBD're&i fimt:s
igitur D B A,A B C duobus reéis zquales. Si igi~.
tur reQa fuper reQape confiftens angulos facitaue
duos reftos,aut duobus redis zquales facit. Quod,
oportuis demonftrare .
Propofitio 14.Theor.7. -
Si ad ve€am aliquam lineam,atq; ad punilums
inslla datum ,dud reCle non ad cafdem par.
tes ducle angulos > qui deinceps funt , duo-
bus vellis cquales feceving > in direcinms
eruntillglines., . .
DreQam A B,& ad pun&umiin illa datum B,
A duz re@x B C,B Drnon ad eafdem partes po
fitz, faciantangulos deinceps AB C,A B D, duo-
bus reQis zquales ;Dico-B D ipli € B in diredum
L . efle. Quod i BDifRB
A . ¢ .'Cnon fitin dire&um, fic . ..
| . BE. CumigiturreGa A}
. B teftez C BE infitic) .- - |
a eruntanguli ABC, A . ..«
. E B E ‘duobus reétis equa~ a prop.
, i ; les: Suntveré & ABC; 13.1.
-.-—4 A B D duob. re&isgqua.
& B D fes : anguli igitur C %qA,'
. .~ ABE funt angulis Ci{B
AA BD,xquales. Communis A B C auferaturs.
breliquus esgo A B Esreliquo A B D, eft zqualis; b 4x. 3,
. B minor



18 LIBER I,

e«x,3, minot majeri, e quod fiéti equit’. Nonergo B R

aprop. -

16 1.

in dire@um eft ipfi B C.8imiliter oftendemus nul-
lamaliam efle ,przter B D: in direGum ergo eft
B D,ipfiC B. Siergoad re®am,& ad punGum in
€3 datum dux re& 2 non ad ealdem partes pofita ,
angulos qui denceps funt, duobus re&is xquales
fecerint , in dire@um erunt-ilz duz linex . quod
demonftrare oportuit .

Propofitio 15, Theor. 8.

Sidua reila [e inuicem fecuerint , angulos
ad verticems aquales facient .

E&x A B,CD,fecée

A D fe in E pun&o. Di-

coquodtam angulus AE

C.angulo DE B, quam
CEB, angulo AED; 2=~

- gqualisfit, Cumenimrew

- -#aAE,re@2 CD, infi«

@, coilat , faciens angulos CE

e L “A,AED, acruntipfi duo

bus re&is #quales: Ruffus cumre@a DE refa

b prop. A Rinfiftat, faciensangulos AED,DE B b erunt

13.1.

& ipfiduobus re&tis zquales . Oftenfi autem funt
& CEA,AE D duobus re&tis 2quales: Quare duo

. CEA,AED, duobus AE D, D E B 2quales funt,

auferatur communis A E D: ergo reliquus CEA,
reliquo BE D zqualiseft. Pariter oftendetur C
EB,DEAzqualesefle. Siergo duxre@zfein-
uicem fecuerint, facient angulos , qui ad verticem
funt aquales . Quod demonftrare oportuit . »

: ro-
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‘Propof, 16. Th‘é‘&i_‘. 9.

. Vaenig ke N
Omnis trianguli ypo latere prodyllo s exter-
nus angulus vtrolibes interno >

oppofitd maior et. -

A F Tetriangulum A B C,&
;2 vnum:pfius latus B C,

* in D producatur. Dico an-
gulum externum A C D,
maiorem efle internis & op

fecetur AC in E, &du&a
- ipfi B E ®qualis EF, iunga~
eft requalis; erunt duz'A E,

E E B,duabus CE, E F 2qua~
les,altera alteri; & angulus.

G~ tur C F,& producatur A C! )
" inG. EtquiaAEipfEC. '

D pofitis@ BA,BA C. «Bi- /™

1. Ko

«oo B E producatur in F, ftque

AEB,angulo FEC eft & zqualis, funtenimad b prep
verticem: ¢ igitur & balis A'B, bafi FC 2qualis 1y, 1. -
erit, & triangulum A B E triangulo FE C; adeqds, c prop.
& reliqui anguli reliquis,alter alteri,quos equalia” 4., 1,

fubtendunt Javerz: Erit igitur & angulus BAE

angulo E CF zqualis ; eft dautemE CD maior, dax 9.

. quam ECF.Ergo & A CD maioreftquamB AE.
Pari modo fe@o B C latere bifariam demenfira-
bitur angulus B C G,hoc eft,A C P maior efle an~
gulo A BC. Omnis ergo trianguli vno laere
producto externus angulus ytrouis interno, & op-

- pofite maior eft,quod oportuit del;onﬁr’ate P -

2 ro=~
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Proppﬁcio 17. ‘ﬂ_xggr. Io.

Omnis sriangnli duo anguli duobus veélis mai-
"~ 'mores funs, quonsodocunque fuipts .

q It triangulum A B C.
\} Dicoduos eius angt~
los minores effe duobus re
&is quomodocunque fum-
ptos. Producatur B Cin D.
.Et qua triangul: A B C,
o angulus A CD externus,
amaior eft interno- & appofito AB C. Si com.
aPoF unis apponatur A CB. eruast AC D, A CB'an-
16.1, ‘ guh’;n;u.res ABC,B Ca :mgulis SedAC D,
A C Bbduobus reéis funt zquales : Brgo ABC,
b prop. B C A minores., Similiter oftendemustamBA C,
13. 1. A<CB,quam CAB, A B C duobus rectis efle mi-
nores., Omnis ergo trianguli duo anguli quicung;
duobus re&s funt- mineres, quad gporenic demon

“frare .

. Propof.18. Théor_. 16 P '
- Omnis trianguli maius latus maiorem angu-
B lum fubsendis . :

It criangulum A B €,
habens latus A C ma-

ius latere AB. Dico &
a?rgulum A B C maiorem
efleangulo BC A, Quia
enim A C maius eﬁ,quaén
3
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AB; fiacAD ipfi AB zqualis; & ducatur B D. .

Eta quia trianguh BD C extetHiis angulus AD B 2prop.

maier eft interno & oppafito D CR & b =qualis 16. 1.

. anguloAB D, quod laterz A B, A D 2qualia fint, b prop.

\ Jraiorergoetiameft A B D quam A € B: muleo §5.1.
ergo maiorerittotus A B C, quam A C B. Omnis
-ergo trianguli maius 13#hs,maiorem angulum fub-

-temdie, ¢ 0 ‘

~ Propol; 19. Theor.12,
Omnis trianguli maior angulus maior§ lateri
' [ubsenditur, -

A R S It triangulum A B
. ' S )-C habens angulum

_ : ABC majoremangu- "
o JoBCA.dico &latus
A C maius efle latere

B C  AB Sinon:eritAE . .-

) M ipfi AB aut ®quale;aut - .
minus . -Non zquale. Sienim zquale, « efict & aprop,
angnlus A B Cangule A C Biequalis: atnoneft: 5.1,
ergo A € zquale non eft ipfi A B.Non minus:nam
£ A C munus eflet quam 4 Bseffec 6 & angulus A B
C minor angulo A C Bsatnon eft:nonergo AC
minus eft ipfo A B, Oftenfum autem eft,quod nec
zdualeergo maius . Omnis ergeo trianguli maio~
xi angule mdius latus fubienditur . I

b grop.

18. 1,

- . an
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| N Propof-30. Theor.r3:
7 Ompis eritmuli ‘duo 'latera religud maiora
oo ot [untquomodocumg; fumpta. L/

< S It triangulum AB C.
dicoduo latera B A,
A C, majora effe reliquo
. BC;& AB;BCreliquo
AC;&BC,CAreliquo
‘ A B.ProducaturenimB A
€ in D; fitq; re@a D A ipfi
C A zqualis, & iungatur
R - DC. Cumergo DA ipfi
A C ficgqualis,erit & angulus AD C,angulo A C
24%.9. D zqualis. Sede B € D angulus maior eft angu-
loACD;maiorergoetiameft BC D, ipfo AD
C. Et cum D C B firtriangulum habens angulum
bprop. B € P maiorem angulo A D C,bmaiorem autem
19.1 angulum maius latus fubtendat;critD B maius ip-
© foBG,2quale autem et D Bipfis A B, A Cima-
iora ergofunt BA, AC,quamB C. Omnis crgo
erianguli duo lacera reliquo maiora funt ; quosao-
docunque fumpta , - ' :
.. Propof.21, Theor.14. v
-8i d serwbinis wninsiateris trianguli dus res
Geintraconflisuantur, erunt be minores
- veliquis duobys srianguli lateribussat ma-
» i jorems angulum continebunt ;
~.o A Terminis lateris B C, trianguli A B C, con=

3 Ritvantur duzre@xB D, C D intra , Dico
- i B D’

JUTTpTRpS
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B.D,D C reliquis triapguli kategibus B A, A C mi
LR . pores effe; at angulum B
D C maiorem continere,
angulo B A C.Producatur
enimBDrinE. Et « quia aprop.
omnis trianguli duo late- ;o, 1.
ra relique maiora funt:
- - _erume & trianguli A BE,
é} latera AB, AE maiora B
: - Elatere .apponatur com~
munis EC, b cruntg; B A,”A C maiora ipfisBE, b ax.4.
B.C, Rurfus trianguli CE D latera CE,E D cma- cprop.
;jora funt latere: C D, communis appenatur D B; z20. 1.
eruntd; CE,E Bmatorajpfis CB, DB, SedB A,
A C maiora oftenfa funtipfis BE,E C;mmltoerge '~
AB, A Cmajorz esunt:ipis BD, D C. Rurfus,
guoniam d omnis trianguli externus angulus inter d prop.
.pay & oppofito.cft maior; erjt & trianguli CDE 3¢ I
externus B D C, maior interno C ED. Eandem |
ob ganfam erstgrianguli A B E, externus CEB,
maior interpo. B A C:.{ed, & B D C oftenfus eft
maier , ipfe C E B: mukidergo maior eft BD C;
quam B A C. Quare § 4 terminis,&c, quod opor-
it demonftrare. - - . - o

.~ Propol.22. Probl.8, =~
Ex tribus veclis,evibus datis vefdis aqualibus,
‘sriangulum conflituere. Opories antews
~ duas , reliqua maiores efie quomodocumyq; -
fumptas.. guod omnis srianguli duo latera
] relique maiova fint,quonsodockq; fumatur.
Slnt tres re&2,A,B, C, quarum duz quomodo-
A3 cunquc fumpt reliqua maiores fnc,ve A, B,
B 4 qu:un
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- quamC;A;CquamB;B € qui-A.Operteat auter
ax.ftmbust,B,C,xqgah_lgus triangulum céftitucro .

PN L wasd I A
.y - “w P i - M
, .

. e id v

"t -Expofita fitre@a gizdam ’DE, terminata ad B,
apip intérminataad E; fitg;s D-FipPA,F G ipfi B; iph
3.1: - Czqualisfatta G H, Defcribatur centro Fiintera
‘yalio F'D,circulus DK L1 ‘Cetitro verd G; inter~
i uallo G Hycirewlas K L H; innganturq; FK.K G,
" Dico extribus FK,K: ,G F 2qualibus tribus da~
) tis !A,B,C triiguﬁlm F K G efle conftitutum. Citeh
b def, ‘enim F eénerum fie€iiéiali D K L, b erit F D §qug.
1. lisipfFK; fed FDeFayralis ipfi A; r érgo &
c ax.r. F K;erivequalisiph A. - Rutfus cint G fircentrum
d def cireuli LK H deritG H zqualis ipfi GK3led G
19, Hzquaiseftipl Ciweritergo & G K zqualis ipfi
eax.r. C: Eltverd & F G zqualis 1pfr B. Tresergo K F,
F G,G K ®quales funt tribys datis A, B,C. Quare
extribus KF, F G, G K, equalibus tribus A, B, €
triangium eft conftitutnin. Qued facere oportuit,
- Propof.'z3. Probl.g. -
Ad datam veclav,datuméy in'ea puncium da-
toangulo vecdilineo » aqualems angulnm

: reclilinenm conflituere .

oo S Tt data reta A B, datumaque in ea pun&um A,

datug angulus reftilineus D C E. Operteat
- antem

Q“

‘ D N 1
*7!.\].‘4':‘-, AN
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autem ad pun&um datum A,datz re&tz A'B, dato
‘angulo retilineq D C E zqualem angulum re&i-
lineum conftituere. Capiantur1n viraq; CD,C
: = : E, quzliber
punéta D,E,
& iungatur

s, quar 2~
quales fint
tribus CD,
s o DE EC,
triangulum A ¥ G conftituatur:ita vt C D 2qualis
Gieipfi AF; CEipiAG; DE 1pfiFG. Cum ergo
duz D C,CE zqualesfint duabus FA, A G,altera
alteri, fit verd & bafis P E zqualisbafi F G; berit

-ad datam re@am A B datumg; in ea pun&um A, .
dato re&ilineo angulo D C B,zqualis angulus re-
&ilineus F.A G eft contticutus . Quod eportuit fa«
cere . ‘ ' .
Propof.24. Theor.15.

Si duo triangula duolateva duobus lateribus
aqualiababuerint , alterums alteriy qhgu-
lum vero angule maiorens 5 qui aqualibus
rellis lineis continetur 5 & bafim bafima-

~dovem babebunt, -

. S Inceriangula A B €,D E F, habentia duo late
ra A B,A C,duobus D E,P F equalia,alterum
alteri: A B quidem ipfi D E; A C verd ipfi D F. At
angulus B A C maiox fic angulo ED Fi- Digor&
. afim

R

-

D E: 4 atq; aprep.
- ex tribus fe 23. I,

&angulus D CE zqualis anguloF AG. Quare :fﬂl.
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bafim B C maiorem efle bafi EF.. Cum enime-an-

.gulus. B A C

, o e .. majorfit ED

a prop. A D F, angulo , =
C

23. 1. . ~coftituator ad

“punéium D re
NSRS &¢ DE angu~
£ G loBAC =
~ qualisE D'G;
: ' fitqs vtrique
, AC,DF -
_qualis D G,& iungantur GE,F G.Quja igitur A B
"ipAiDE,& A CipfiD G xqualiseft ; exuntduz B
.A,A C, duabusE D, D' Gzquales, alteraalteri ;
eftquep& angulus B A C,angulo ED G zqualis :
b prop. berit1gitur & bafis B C,bal EG zqualis, Rurfus
“4.1. quia DG ipfi DF eft qualis , & cangulus D F G
C prop. angulo D G F; deritangulus D F G maior angule
.1. EGF:multoergomaioreritEF G,ipfoE& F. Ee
d ax.0. quia EF Gtriangulum eft, habens angulim EF G
¢ prop. maiorem angulo EG F ((e maiori autem angulo
maius latus {ubtenditur ) erit & latus E G maius
latere E F: zquale autemeft EG ipfi B C: maius
ergo eft & B g0 E F.Siergo due erigngula,&c.
quod oportuit demonfirare . .

B

19.1.

Propof.25. Theor.16.

< Siduotrianguladuo latera duobus lageribus
wqualia habuerint,alterum altevi,&r-bafim
bafi maiorem, & angulum angulo , qui a-
qualibus lateribs continesnr » maiorem

babebant .
. Sint
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- © Int duotrian-
A D S akABCD

_ EF,duo latera A
B,AC, ducbus D
B' CE P E,D F habentia 2:-

qualia,alterymal-
. © . teri,AB iph DE,
& ACipliDF.BafimversB C maiorembaiEF,
Dico & angulum B A C angulo ED F maiorem
efle . §i non:aut zqualis eft,aut minor.Non zqua-
lis; Nam fiangulo B A C,angulus E D F equalis
eflet , e sffet & bafis B C,bafi E F 2qualis ; at non 27r%-
" eft; nonergo angulus B A C anguloE D Feft 2- 4-1-
ualis. Sed neque minor:nam fi minor effec, bef~ b prop-
fet & bafis B Cminor bafiE F:atneneft : non er- 24-1-
go angulus B A C minor cftangulo EDF. De-
monftratum eft autem,, quod nec zqualis : maior
ergoerit. Siergo duotriangula , &c. Quod de-
monftrare eportuit. :

Propof.26. Theor.17.

S$i duo triangula duos angwlos-duobus angulis
wquales babucvint » alteruns alteri, &
vnum latus wni laseri equales fen quod A~

qualibus angulis adiacet > fen quod vui a-
- qualiuns angulorum fubtenditur ; & veli-
qua latera veliquis latevibus, alterum alte-

. 1i; @ religuum angulum reliquo angnlo »

- aqualem babebunt

“© Intduotriangula AB €,DEF, duos angules
ABC,BCA,ducbus DEF,EFD a:l:n:ks
' aben-
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‘habentia,alterum alteri,AB C quidemipf DEF,
& B C AiphEF D: habeant verd & vnum latus
S L Y vai lateri 2=
',i L quale’Et pri-
e » B mo quod 2-
quaﬂ:us an-
gu{ﬁs adiacet
nempe’'B C,
ipiEF.Dico
IR ¢ " quod & Teli-
‘quia litera,reliquis 2qudlia Habeant,»lreruni altea

i, A8 ipi D EA Cipfi D F,& reliquum angulum
" BAC reliqueEDF. Quod iA B, DE inzqua-
a Prg}. Liz fint;vnum erit maius . Sitmaius A B: « fiarque

3.1

~ipfi D E 2qualis G'B lifea’, & ducatur 6 C: Cum
“igitur tam BG. D E; quamEF, B C zqualesfint ;
erunt duxe B'G,B C,duibus D E,E F 2quales,aleé-
ra alieri; & angulus G B C angulo DE F zqualis :

bprep.berit ergo & bafis G C bafi D F zqualis , & tridii-

4.1.

CPPC' .
4. 1.

gulum G C B triangulo D E F zquale , reliquique
angulirel:quus, alter alteri), quibus :e]:lualiﬂztera
fibrenduntur . Quareapguius G € B zqualiseric
angulo D FE: fe &1313 E ponitur 2qualis ipfiB
C A:eritergo B C G ®qualis 1pfi BC'A, minor
iaiori ;quod fierinequittnon ergo A B, D E inz-
qtiales font:ergo 2quales . Eft veré & BCipfEF
®qualis: dueergo A B, B C zquales funt duobus
DE,EF, alteraalters, & angulus A B C angulo D
"EF:ccrgo&bafis AC bifl)D F, & reliquus an-~
; gitlus BAC reliquo ED F #qualis erit . Rurfus
" fint Jatera equales angulos fubtendentia, AB,DE
xqualia, dico & reliqua latera, reliquis laceribus ,
vtAC,DF, & BC,EF, rcliquumg; angulim B
A €,reliquoEDF, zqualemefle. SienimBC,

K . EF
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E F funt inqualia;erit vaum maius; fit, i fieri po-
teft ,maius BC,& dfiatipiEF ®qualis B H, iun- d prop.
gatrdg; AH. ErquiaBH ipREF; & AB ipiDE 3.1.
equaliseftzerunt due AB,B'H, duabus DE,EF /
aquales, altera alceri, continegeq; angulos equa.
les: ebafiscrgo AHbafiD F_‘ti} ®qualis,& triar-
gulum A B H triangule D E F reliquiq; angiMi re-
liqws, alteralteri, quibus xqualia latera (%lbren-
duntur, 2quales erunt. Etigicur angulus BH A
2qualis angulo E F D: fed EF D 2qualis eft angu=
lIo BC Aeritergo & B H A zqualis ipfi BC A, ‘
Trianguli ergo A HC externus angulus BHA °
xqualis eft interno & oppofito B C A, fquod fie- fprop.
ri nequitigitur B C,E F ingquales non fuar:zqua-
lesergo. Cum verd & AB, D E fint 2quales:
erunt duz A B, B C duabus DE,E F a:quales alte~
raalteri , ®qualefq; angulos continent : gergo & g prop.
bafis ACbafi DF zqualiseft, & ttiangulum AB 4.1.
C triangulo D EF, & reliquus angulus B A C,re-

lique ED F. Siergo due,&c. Quod demontirare ‘
oportuit ,

e prop,
4.1,

16. 1.

Propof. 27. Theor. 18,
Si in duas redlas lineas veita incidens angulos
aiternos aquales fecerie, paralicle
eruntille lince.,
N duas reftas A
B, CD incidens
G re&aEFfaciatangu-
losalternos AEF, E
F D zquales. Rico
~ A B, CD parallelas
C‘[Tc .
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) efle . Sinon; produ~
&x concuirent, aut
verfus partes B, D;
aut verfus A, C: pro=
ducantur , & concur-

¢ / (3 D rant verfus partes B,

D in G. « Eftitaque

a prop. trianguli G E F angulus externus A E F maior in=,
16.1. terno,& oppofito E F Gifed * & ¢qualis;quod fie-
*exhy rinequit : nonergo A B, CD produ&ta concur-
pothef. runt verfus partes B, D. Pariratione demontftra-
tur,quod neq; ad partes A,C: bque autem in neu;
def. tram partein concursune,parallele funt: parallela
82 ergofunt AB,CD. Siigiwr, &c.quodoportuit
demonitrare . y

Propof, 28. Theor. 19.

Siin duas vetlaslineas recla incidens » angu~
lum externum interno, & oppofito & ad

_ eafdems partes,equalem fecerit : velinter~
08 » & ad eafdem partes duobus vectis -
guales , parallele crunt illalinee .

' B N duas re&as A
, B, C Dincidens

A B re&a EF, externum
angulum E G B, in-
terno, & oppofito G
< D H D ¢qualem faciat: -
¥ aue internos, & ad
afdem partes B G H. G H D duobus re&is 2qua~
les. Dico AB, C D parallelas efle. Cumenim
EGB
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B G Banguhis, * 2qualisfit,& anguloGHD, e & *
angulo AG Hiberit & AG Haqualis ipfiG H D_[m,”ﬁ' -
¢ & funt alternizparallelg ergo funt A B,C D.Rur- 5 prop.
fus com BG H, G H D duchus re@is fint quales; ¢ $. 1.
d fintautem & A G H.B G H, duobus re&is 2qua-b ¢x.;1,
ies:erunt AG H,BG H iplis BG H,G HD ¢qua- ¢ Prop.
les:communis BG H auferatur : ¢ erit igitur reli- 17.1,
quus A G H, reliquo G H D =qualis: £ & funt al- 'd prop, -
terni: funtergo A B, CD parailelz. Siergoin 3T,
duasre@as,&c. Quoddemonfirare oportuit. e .3,

. : fpeap,.
Propofitio 29, Theor:2e, 27.3¢

Rellain parallelas vellas incidens aquales fa-
cit angnlos alternos : & externum inte:no
& oppsfito, & ad eafdem partes qualem:
&rinternos & ad eafdem parses duobus -

~reldis mquales cfficit. -

why

N parallelas re.

&as AB,C D re-
&a EF inadat. Dice
quod & alternosan~
gulos A‘lGH,GHD
gquales faciat; & ex«
‘ternum EG B inter-
: S no, & oppofito, & ad
" eafdem partes G H D zqualem; & intornos , & ad .-
cafdem partes B G H, G H D duobus reftis 2qua-
les . Sienim AG H,G H D inzquales funt,vnus
illorum A G H fit maior : & quia A G H maior eft
quam G H D, communis addatur BG H. Hier-
80 A6 H,BG Hmaieres funt hisBGH, G HfDd::

. : aie
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s prop, - fed A G H,B G H duobus re&is funt 2quales:er.,
13.1. g0 BG H,G:H D dyobus reétis minores eruat. b
b &x.11Quz autern & minoribus quam duobus re&is in in-
., fintum producuntur line® re&te,concurruntierge
A B,C D ininfinitum produ&z céeurrunt: at non
concurrunt ; parallele enim funtiergoanguli A G
. H,GH D,non funt ingquales:igitur quales.Por-
¢ prop.0 ¢ A G H angulus 2qualis eftangulo E G B. Er-
15.1 80 &E G Baqualis erit angulo. G H D: commiu~
.. nmis apponatur BG H:ergo hi EG B,B G H,2qua-
d.prop, leslunthisBGH,G HD:d{ed EG B,B G H funt
3.1, ®quales duobus re&is:eruntergo & BGH,GH
D duobus rcétis zquales . Recta ergo in paralle-
las, &c. Quodoportuit demoaftrare. '

Propof. 30. Theor,21:
Quecidemreéie funt parallel e, inter fe

Junt pavalle
A n Itvtraq; ipfae
E - : / rum-A B,CD
ipf1 E Fparallela,
s F Dico?&):% B,CD

o "1 K T elle pacallelas.Ine
, cidatenim in i

fas re@ta G K.Et quia in re&as parallelas AB,E F

aprop. re@a G K incidit 5 @ eritangulus AG H, angulo
27.1. G H F zqualis. Rurfus, quia in parallelas reGas
bprop. BF, CD caditre®a GK, b erit & angnlus G HF
28. 1. zqualis angulo G K D;eltenfus eft autem & angu.
¢ «x.1. lus A GK angnle G HF zqualis:c ergo & angulus
AGK zqualis eritangulo G K D: & funtalterni

-dprep, dergo A B, C D funt parallelz. Ergo qux ei-

-

28.1, dem,&c. Quod oportuit demonfirare -

Proe

'
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Propof. 31, Probl. 10,

Per datum punéium dase vedle linea pavalle-
lams ducere. T .

'. ‘E A F E X dato punde

A, DatzreGe
Z .+ BC, oporteat paral-
. lelam ducere. Acci- ..
B D C piatur in B-C quod- -
uis pun&um D, wn-
ganttltqs A,D.« & conflituatur ad A punétum re- 2 prep.
GxDA angulo ADC zqualis D A E, ducaturg; 22-1.
ipfAEin due&i A F. b Quia et%o induas reétas bprop.
B C,EFre&ta A D incidensangulosalternos EA 27: 1.
D,A D C zquales facit, erunt:B C E F parallela.
Per datum ergo pun&um s &e. quod facere oper-
tuit .

Propof. 32. Theor.22.

Omnis mangul: wno latere pradmlo > cxter.
nis angulus, duobus internis, & oppo~
f iisefl aqualis; & tres interni'dso-

- bus u&u fi mgt aquales .

A

..-q_..

E . I manoulum
' AB C,& vARum
- eius latus B C pro-
A p, ducatir in D. Dico
C. 5 angulum exteriim -
-A.C D zqualem:
efle duobus mtcxms;&oppof tisC AB,AB C; & -
a ‘C - tres”
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A ‘E tres internos A B

. 'C,BCA,CAB

. duobus re@is ¢qua
aprop. W D les. a Ducatur per
' C : " Cipfi ABredtapa

311,
v rallela CE. Quia
b prep. er%o in AB, CE paralléf§s cadit A C; b erunt an-
27.1. Bulialterni B A C, ACE »quales. Rurfus quia
_AB,CEparallelz funt, & in ipfas caditreéta B B,
c prop. ¢ eritexternus angulus E C Dyequalis interno, &
28. 1. oppofito A B C:oftenfus eft autemn & AL E ¢qua-
lisB AC. Totusergo A C D2qualis eft dusbus
" imternis, & ‘oppofitisBAC, ABC. Apponatur
-, communis A C B: & erunt ACD, A C B&fuales
dprep. eribus ABC, BCA,CAB: dfed AGD,ACB
13.1. zquales funtduobus re@is: ergo KACB,CB A,
C A B zquales funt duobus re@is. Omnis ergo
sriapguli , &t Quod oportuit demonftemare.. . -

Propof. 33. Theor. 23.
Linewreflas qua aquales & parallelas lincas
ad eafdem partes coniungunt » &~ ip[g ‘

aquales [unt, ¢ pavallele .
A - B S Intequales, & paralle~
Iz AB, C D.cafquead
Z ealdem partes coniungant
rete A C,BD, Dico & 1p-
C D - f{asACBD p’ar.i‘l.lelos &
' 1ales efle. Ducatdr enim

’ BC. QuoniamA'B, st parillele fine,, & ip
3PP, fas incidit B C; a-eruntangulialterni ABC,BC

37-X. Dzquales., Et quia A B,C'D zqualcs fant; :J:g—
[ .o 1S
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.minis adddesir BC; eruntdue A B,B C, dnabus
B C, CD-xquales , eft§; angutus & B Cangulo B
C D zqualis. b Quare & bafis A C,bafi B D equa-
lis erit , & triangulum A B Ctriangulc BCD; &
reliqui anguli reliquis, alter alteri,quibus 2qualia

b prep.
4-1.

-alrera fubtenduntut , equales erunc. Eft ergoan~ -

gulus. A C B angulo. C BD =qualis. Et.quia in
drasreétas A €, B D incidens re&a B C, facit ans
.gulosalternos A C B,C B D gquales; cerunt A C,
B D parallelz:ofténde aurem funt & zquales. Ergo

cprop.

27.1,

linez recte , qua xquales,&c. Qucdoportuitde-.

monftrare.

Propol. 34. Tneer.24.
Paralldlogrammorum [paciorum, qua ex ad-
" uerfo & lateva s & anguli, funt inter

fe equalia, cag; diametrus bifccat.

Sto parallelogrammum A C D B diametrus

~ B C. Dicoparallelogrammi A C D B, qua
ex aduerfo,latera & angulos,gqualia eflcyead; dia-
_ ‘merrum BC bifariam fe-

A B care. CimcenimAB,CD

- parallele finc, & in ipfas

: ' © + - incidat B.C; a erunt.anguli
alterni ABC,B C D ¢qua

~ < leg. Rurfiscum AC,BD

fint parallele,& in-#las in-

A

‘cidat BC, b erunt & anguli alterni A€ B,CBD

.aqualcs . Dne efgotriangula AB C;CEBD ha-_
bent duos angulos‘:\ BC,BCA, duchusBCD,

- CB D #quales ,alerum alteri, & vnum Jawus, vni
-lateri,quod adracegangulis 2qualibus,verig;com-

2 mune

aprop.

27.1.

bfr'op.
27.1.
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¢ prop. mune B C.c Quare & reliqua latera reliquis, alee
36. 1. rumalteri;& reliquum angulum reliquo, 2qualem
RS habebunt.zquale ergoeft latus:A B lateri C D; &
d AC,ipli BD; &angulus B A CanguloB D C. Et
cumtamanguli ABC,BCD,quumCBD,ACB
d ax.2. gquales fint: d erit & totus AB D, toti ACD -
qualis. oftenfus eft autem & B-A C zqualis BD C:
. DParallelogrammerum ergo fpaciorum quz exad- -
© uerfo, & latera,& anguli,inter fe 2qualia fupe. Di-
<o & diametrum 1lla bifariamfecare. Cum enim
. AB,CD xquales,& B C communis fic : erunt duo
latera A B,B C,duobus C D,B C zqualia,altertm
. alteri; & angulus AB C zqualis angulo B C D:
€prop. ecricergo & bafis A Cbafli B B zqualis ; & trian- -
4.7+ gulum A B C triangulo B CD. Diametrus ergo
B C,parallelogrammum A B C D bifariam fecar’.
Quod oportuit demontftrare . o

Propol.35. Thevor.:‘g .
‘Pdrallelogramma ineadembafi ; & in'iffd:m
 parallelis conflituta intrfe funs .

I3

Cae o aqualia,

S Vnte parallelogramma ABCD, EBFCin
) bafi B C,& in parallelis A F 1n B Gconfituta.
. C })ic?;A‘B .Cﬁ.eitué..
AN g e efledpi EBEFQ.
;S D_ E F cum‘eaf’mABCD,
' o parallelogrimi fit

) .. aeruncB C,AD,z=~
;i’. .£ to 2% quales:- eandem ob
3% TR C 0 caufam EF;BC -
baxx. - . - o -qualeserant; bvnde

&AD
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& ADipfiE Fequaliserit; & communis et DE: ¢ gx.3.
cergotora AB,toti D Faqualis eft . ER dverd & dprop.
ABipfiDC 2qualis: dux ergo EA, A B,duabus 34.1. ‘
F D, DC xquales funt, altera alteri; fed &'e angu- ¢ prop,
lus,F D €, angulo E A Bequalis eft, externus in- 19.1.
terno : fquare & bafis E B bafi F C requalis erir; & fprep.
triangulym E A B rriangulo F D C{LCommune 4. 1.
D G E auferatur; & erit g reliquum trapezium-A B gex.3.
G D, reliqguo EG F C 2quale. Apponatur com-
munis G B C triangulus.: A totym ergo ABCD h X2,
parallelogrammum,teti E B F C zquale eritzergo
parallelogramma in éadem bafi; &c. Quod opor-
tuit demonitrare. . g

7 Propél36 Theoka6, - =1 s
Parallelogramma in ‘2quikibus bofibus, &
in ij(dem parallclis conflituta,ig-

%

.. ser fe fums gqualia . - f-" ,
e ; ! AY R e
‘Vato paralielogramma A9 c D,EFGH fu-
perrqualibue bafibus, B C;\‘EG:, &inijdem .
o o pafallelisAH,GB . .
, . S conftituta.Dico illa .
A DE H . effe zqualia jungan,

, “emrenmBE, CH.

. Quiz epim BC, F.
) -\ G, zquales func:eft-
e - que F G qualis ipfi
B : C :F G EH;aerit& BCip 4 g0 4
A E H aqualis: b funt verd & parallelz, coniun-y, f""i'.
. guntd; ipfas re@x BE,C H ¢ Qug autem gqualcs, 33. I
& parallelas ad eafdém partes coningunt , ®qUa- ¢ orop,

Jes,& parallelz funt: QuareE B, C H zquales,& 33.1
- C 3 paral= _

T

\
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dprop. parallelz funt: dergo E-B € Heft patallelogram-
5§.1, mum; eftd; xqualeipfi AB C D, quippe:candem .

.« cumvillo bafim B C habens; & inijfdew paralielis
cax 3, B C> A Hconflitutum., Eandemob caufamEF G.
7. 'HeidemEB CH eftzquale, ¢eQuare EABC D

. parallelogrammum equale ¢ft EF G Hparalleloe.
... .grammo . Ergo paralelogramma,&ec. ‘Quod de-.
. monftrare oportut, - . L

S Prbp’of. 37. Theot.27.
Triavgulafupereadem bafi, & injjfdem pa--
rallelis conflituta s inter [efunt gqualia,

Vnto triangula A B.C,D CB-fuper'eadem bafi
J. BC;&inij{dem parallelis A D,B C conftitu
; ta. Dico triangulum
E A D F ABCzqulefic
triangulo D B C.
Producatur A D,

_ p - wtrinque-ad E; & E;

apeop. - " a& per. B iph-

3,’:?, Tl By € peereréxl:)ﬁgD,
i - ~parallele ducantug
BB, CF. Voumdsergo E B A C,DB C E pardd#

b prop. lelogrammum eft: b funtq; £qualiaf euippe in eg-
35. 1. dembafBC;& in,'ijfdem,paralbl sBC,EF ¢din-
cprep. ftituta, ¢ Eceft parallelggrammi BB C ANdimi-
341 dismtriangulum A B G, iam%trus-qp'ffn;ﬁ ip-
. 1 fambifecat: Parallelogrammi®erdD B C ¥ di-

) midium eft trianguluta :i) B C; nam diametiis D
dax.7. € ipfum bifeear . d Quz antem zqualium funt di-
midia, & ip(a funt equalia'. Triangula érgo fuper:

- eadem bafE &c. quod oportuit.demonfirare.. . .

' : Pro-
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Propof.38. Theor.28.

Triangsila (uper aqualibus bafibus ; & in
ij(dem pavaliehs conflitusa > inter fe

[unt agualia.

S ‘Vnto triangula A B C, D E F fuper 2qualibus,
.3 batibus BC; EF; & inijldem parallelis BF,
i .. D Acontftituta , Di-~

FEEE : coilla efle equalia .

G A D R Producatur enim A

: D vtring;adG & H.

. aAtqueper B, & F aprop.

J...» ducanwur ipfis C A, 31.1,
“w. . DE parillcle BG: -~
& F H, eritq; vtggmgq; -
- + -+ GBCA, DEFH,
parallelo&ammmn » b Etfunt xqualia quippe fu~ b prop.
per xqualibus bafibus B C.E F, & in ijfdem paral- 36.71.
lehs BK,G H conttituta, c eflg; eriangulum A B C cprop-
dimidium parailelogrammi G B C A; ipfum enim 34. 1.
diamercus A B bifecar: Et triangulum FED eft .
dimidium parallelogrammi D E F H; enam & ip-, eprop.
fum diametrus F D bifecat. 4 Quz autemy aqua- 3‘4, I.
lium fung.dimidia, & ipfa funt zqualia . Triangu- Jgx.7.
lum igi:br A B Ceit zqualetriangulo DE F.Qua-
retriangula fuper equalibus bafibus, &c. Qued
oportuit demonftrare . : :

Bk Y )
m}m% P
‘ ' C 4 Proe

B CE,

i
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Propofitio 39. Theor: 29,

Triangula aqualiafuper cadem bafs, & ad
exfdem partes conflituta, in if fdens
funt pavallelis,

Vitotriangula zqualia A B C, D BIC fuper
“eadem bafi B C conftituta.Dico illa inijfdem

- A efle parallelis : Du&ta enim
A - JAD, dicoillam efle paral-
aprop. D “lelam ipB C. ‘Si.non. «
3r.r. % Ducatur per A ip(é BCpa-

rallela AE: iun@ajgjtur B

b prop. - C,berittriangnlumAB C

35.1. -+ =qualetrigngulo E.B €;

- B ¢ funtchim ﬁlper eadem bafy

e BC, &inijfdem parallelis

"BC; AE. Sedtriangulo ABC xquale ponitur

¢ ax.I- triangulum D B C. cerit ergo D BC triangulum,

) :tqhazfe ipiE B C triangulo maius minori, qued

fiéri nequit:non ergo A E parallela eft iph BC..

patimodo demongsabimus quod nullaaliapre-

oo ted AD. Suntigitur ADyB'C parallele. Quare

- triangula equalia {uper eadem bafi, &c. Quod
“opoituit demonftrare .

< = - Fropofitio 40, Theor.30,
Acqualiatriangula faper equalibus bafibus ,
& ad eafdems partes conSiitusa,in
tifdews funt pavallelis.
! S Vato zqualis triangula ABC, CDE fuper

xqualibus batibus B C,C E conftituta, Dic}o
: illa
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illainijfdem parallelisefle. Sinon? & Ducatur aprop.

per Aipfi BEparallels F A.iun&td ergo F B, b etit'

triangulumi A B C 2quale

3I. 1.
b prap.

© trianculo B C E. Suntenim 38, 71.
A D ﬁxperb:cqnahbus bafibus B’

C,CE, &inijldem paralle-
lis BE,A F, Sedtriangulum
AB C gqualeetiiefttrian~
gulo D C E: c eritergo &
' C E D C E ipfi FCE 2quale,

C ax.t.

majuy minori, quod fieri ne-

quif:non ergo AF ipfi BE parallela eft. Similiter
oftemdemus,qued prater A Dynullaalia. ADer-
fo-ipﬁ B E parallela eft. Triangulaergo 2qua-~

ia,&c¢. quod demonitrare oportuiit .
Propof. 41, Theor.31.

Siparallelogrammum , &~ triangulum: ean-
dembabuerint bafim, fintd; in iffdem
parallclis,evit parallelogrammum

- duplu eriangsli ,

€ Intparallelogrimum

A_L D E S A lg CD, &‘Eriangu-'
o - lom E B C fuper eadem

] B P bafi B C; & inijfdem pa-
/ +  rallelis B C;A E. dico pa-
B c " rajlelogrammum A B C
‘ - D duplum efle trianguli

- EBC. Du&ta enim AC,
aerittriangulum A B C pquale erianguloEB C:
habent quippe eandembafim B C, & funtini jﬁié
N patal-

aprop,
37, L»



b prop.
34. 1.
cax.1.
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parallelis B C, AE. Sed parallelograminum A B
C D duplum eft triangult A B C;6 diametrus enim
A Cipiumbifecat: ¢ quare &triangui EB C du-
plumerit. Siigitar parallelogrammum & trian=-

" gulum,&c, Quiod demonfirare oportuir.

aprep.
106. 1.
b prop.
23.1.
cprop.
31,

dprop.
37 ke

¢ prop,
41. 1.

Propof. 42. Piobl. 11.
Dato triangulo equale .parallclo‘g,mmtigum
conftisuere in dato angulo relilineo., \

A ‘ F G E‘Sto &dtmﬁri‘-

anguli AB C»
. ‘ datus angulus redti-
¢+ lincus D, oporteat au
/D . temiriangulo ABC

E E C equale parallelogri~

- mum conflituere in

datoangulo D.a Bilecetur BCin E;iungatur AE;
& b conitituaturad Ercée E C angulo D equalis
angulus CEF. Atg; cgcr A quidem agatur ipfi
E Cparallela A G.per CverdipR E F parallela C
G,eritd; FE CG parallelogrammum Et quia BE,
E C =quales funt, d crunt X triangula ABE,AE
C aqualia ; quippe fuper 2qyalibusbafibus BE, E
C,& in ijfdem parallelis B C, A G confituta : du-
plimergo efttriangulum A B € trianguli AEC:
fed e parallelogrammum FECG duplum quéq;
cfttrianguli A E C. Suntenim fuper eadem bafi
E C, & mijldem parallelisE C, AG: eft ergo pa-
rallelogrammi F E CG zquale triangulo AB C;
haberq; angulum C E F ®qualem dato zngule D.
Dato crgo triagulo A.B Cxquale paralielogram-
mum FE C G conflitutum eft in angulo FEC,

dato angulo D; zquali . Quod facere oportuie,

' Pro-~
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Propof 4. Thcorf;.z,

Omnis paralleiogrammi» corum que civca

diametyum_ funt payallelogrammorum
complcmeuta [un;‘mter fe #qualia,

~ Tt parallelogrammuin: A
A _H D " BC D, diametrus eiis A

EPPE- GC; circa A C ‘parallelogram-
ma fint EH, FG: & quedi-

B : - cuntur complementa BK, K
Q @ D. Dico complementa BK,

K D 2qualia efle. quia enim

ABCD i)ai'iuel rammum eft, diametrus eius A -

C; fita vetrianguls ABC, ADE zqualia finc.
Rurfus quiaEKHA parallclogrzmmum eft, eius.
diameurus AK: b erunteriangula E A KA H K 2=
qualia ; Bandem ob caufam’ érunt zqualia triane’
gola KE C,KGC. - Cum igitur tam triangula A

EK,A H K gquam KG C,K F C fiat zqualia; erGe
&dquEK,KGC duobus A H K, K F € equa~

a prop.
34- 1.

b prep.

;,4- ‘.0

lia . Ef verd& totum AB C.roti A DC xqbale: R

igitur reliquo complemento K B, reliquum BK.
eftzquale, Omnisigitu. pamlldogrzmmi &ec.
mod opanuxt demouﬁrare. -

Propof 44 Probl 12,
Ad datam reflam lineam daso sriangulo «-

quale parallelogrammums -applicare,

-ins daso angulo rellilineo.
S It datarecta A B;datus triangulus €;datiis an-~

gulus red&ilineus B, ‘Oporteas auteny ad das
tam



44 LIBER L

tam re@®am A B dato triangfilo C equale paralle~

logrammumr applicare in atgulo zquali angule
aprop, | . D. « Conftituatur,

2.1, S triangulo C zquale
4 FE K paral%elogram?num
Ny ' BE FG m angulo

° EBGaqualiangu-

G 7 M D,‘ - loD. & iaceatBE
‘HA L' ipfi AB indire&ym;

b . o producatur F'G i
prog. H; b7per Aaltérutri ipfarum B G, E Fagadir pa-
311 “olleda A H,& iungatur HB. Etquia in parallelas
CProfe AHLEF recta HF incidit,c erunéanguli A H F,H
39' ' EEduobus redis. zquales:.d.ergo BHG, GFE
%9+ dnobus redis funt minores : e.qua autem 3minod
4%+ L-ribus angnlis quam fint dud rei in infivitsm pro~
dueuntur , concurrant & igitur H'B, F E produtat
f prop. concuifrentjconcurrant in K; f & per Kad altera-»
$i. 1. tramipfarum E A,F H ducatur parallela K Liprow:
duéisdE A;GB inLyM:ericigicur H L R F phrik.:
gerops Imogrammum , diametrus dius H K: g parallelo =
43.1. grapmdcirca HK,erunt AG.M E. Complemens.
bprep. sa L B,B F:bergo L Bipy'B F equaléefifed & €
43. 1. ipfiB E oft Zqualé: Feritigitnr & L Bipfi-C zqoa.
1ax.1. le.. Et-R quia angulus GB E zqualis eft angule:
kprop. ABM;& G B E gqualisangulo D:/erit.& ABM,
15. 1. ipfiDzqualis* Ad datam ergore@tam, &c. Quod
~ lax.a, facercoporenic, © - .. -
ss by Propofi4s. Probl. 13, .
Datq recijlineo - aquale parallelogrammum
cosflituere indato.angule ve@ilineo .
E_ $to datum reQilineum A B C D: datus angu~
s lusredilinens E, Oporteat autem ipfi é\ 11)3»
roet
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C D' zquale paralielogrammum in data anguls
E conftituere. iungatur D B, & « conflituatur trian 5 props
gulo ABD 43. 1,

E --aquale paral

lelogrammi

o AN * ‘F-H inangu-

) E lo HK¥ nla-

- ) - quali angulo
A B . KEHM '

E.. Deindeib b prop,
o © . apphicemr dd 4{“.{’{‘
lineam G H parallelogrammum G M triani;ulo S
D B C zquale,in angulo G H M zqualiangulpE. P"‘
Etequiaangulus E viriq; HK F,G HM eft Zﬁla- Fivdd. .
lisierunt:& HK F,G H M zquales : addetur com-
munis K-H G:d ergo H K'F,K H G &quales erunt d ax.z .
his G HEMK HG: at hie funt & quales duobus re- e prap.
&is; ergo &illi. Quaread puncym HycllzGH 29, 1\
pofitz{unt duzelinex K'H, H LJ sonadeafdem -
partes,faciéntes angules deinceps xquales duobus )
rectis, fin dire@um ergo erunt K H,H M. Ecquia prop.
in pa{:zllelns KM,F G reQaincidit HG, g.ctunt 14, 1,
angulialtern M HG,H G F zquales: Comiiunis, g'prop.
apponatur HG L:ierunt ergohiM HG, HGL, 27. 1]
his H GF, HG L, zquales; k arilli func xquales iiv i, -
duobus re&is:ergo & hi : Lin direGtum ergo et E k prop;
G iphy G L. Beiquia tam K&, H.G quam HGM z{; T
L zquales & parallelz funt:'m eruat & KF, M Li Lypop..
®quales & parallelz: & conmaguntillasrede Ko 4. 3¢
M, FL: n ergo & KM, FL zquales & parallelat m prop.
erunt, Para]lclogrammum crgo et KFL M. & 30. 1.
cumtriangulum AB D zquale fit paratlclogram- n prop.
mo HF; & triangulum D B C parallelogrammo ;3. 1.
'G'M, eris totnm re&ilincum ABC D totiKF I
‘M-zquale v Dato ergavedtitineo A BCD _.u}u-\i-
. . (4
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le. parallelbgrammum’ conftitiimus KEL-M, i
angulo dato E. Quod facere aportebir. . '

| Propof 461 Probl.ig4.
A datareds linda qiadratd‘m defaribere .
L Ao ; .

L
’

< Stodata rc&é‘& B, 3 qua'quadratuin-deferi-
2 prop. bere opoerteat .« Pucatur i pug{ﬁo Aréfip
' A Badangulos re@os A C;& fiath ipli A B equa~

1. T, ;

o v lisAD; & 3D ipffABaganur
:’ﬁ"ﬁ' G . parallelaDE:iper B ver%ipﬁ
i pen . p° E A Dducatur parallela BE: cft er
frufi, ~ - go ADEB parifielogrammum:
b prop. © bvndcAB 1paDE, & ADiphi
34 1. B E 2qualis cric; ¢ fed & A B.x.
cper qualis eftipi A D. Omnes ergo
dug. ' A B quatterBA, AD,DE,BE funt

®quales; eft ergo-A D E B xqui-
laterum.dico.quod & re&anguluin’. Cum enim re-~

‘.-{P”{e &a A.D in parallelas A B, D E mcidat, d erunt an-
29..Y guli B A D,A D Eaquales duobus retis. ¢ recus
cPer © giitem eft B'A D:ergo & A.D E..£ Parallelogram-

~ Joilt, g orum autem (paciorumanguli & laxera ; queex
ff,”?": aduerfo,xqualia fant; eric igitur vterq; ABE,BE
34 Y- DreQus: reGangulumigitur et AD EB. Often

g def. fum autcrn elt & wquilaterum: g ergo . eft quadra-
37.5.. tum; &dredta A Budeforiptunt o' Quodoporrebat

. facere. cen YR e T
Propofitio 47. Theor.43. -
In recdangulis eriangulissquod dlatere velinm
sngulums [ubiendente defcrivisur. quadra-

w,
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tum;aquale eft illis,que dlareribus veilum
comprebédentibus defcribuntur quadratis .

YT Sto triangulum reftangulum A B C, reGum
K, habens B A C. Dico quadratum 3 latere B
‘C deferiptum, mquale effe quadraris i lateribus B
-A; A C deferiptis ., « defcribanturd re&is B C,B *£7%
, A, AC quadrata B 46. 1.
DCE;GB;HC; & b
bper A, viriq; BD, 0 7P+
CE agatur paralle~ 37+ T
la A L. iunganturg;
" AD, FC. Er quia
-vterg; angulorum B
. AC,B A G reQus
“eft, funtq; ad pup& it
-A linez AB dux re-
- &xe A A Gpofite,
faciéres angulos de-
inceph duobus reis
“ -+ mquales, cerit AG ¢ prop;
ipfi ACindire&um. Eandem ob caufam cft AB 14. 1.
ipli A Hin direfum. Bequia angulus DBC -
qualis eft angulo F B A, qued vterq; fitreQus, fi,
apponatur communis A'BC: d eric totus DE A, davaa
totiF B C zqualis. Cuniqueduz BB, B A, dkk- :
bus' B C, B Fzqualesfint, altera alteri, &angulus .
DB A, angulo ¥ B Cequalis’; 2erit & bafis’A Dy ¢ prop.
bafiF C zqualis , & triangulum A B D, triangulo’ 4. 1.
F B C: feftq; trianguli A B D parallelbgrimmuni: £ prop,
B L duplum ; habent eninveandem Bafim:BD; & 4.-1.
funtinijldem parallclis B B,A L. ¢ Triangulives g prop.
rd F B C duplum eft quadratun G B; habenteadm 1.1,
candem bafim F B, & fugtin ijldém parallelisFBy .
GC; ‘

’
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h 4x.1.G C; h que autem 2qualium funt dupla , 2qualia
inter fe funt:parallelogrammum ergo B L zquale
eft G B quadrate.Eodem modo iunctis AE,BK de
-monftrabitur C L zquale efle quadrato H €: To-~
‘tum ergo quadratum D BE C zquale eft ducbus
‘G B,H C quadiatis:& e DB EC 4B C; ipfa ve~
ro G B,H Ca B A,A C,defcripta : Quadratum er-
g0 i B C defcriptium xquale eit quadratisi B A,
A C defcripti<.In re@angulis ergo Triangulis,&e.
.Quod oportuit demonttrare .

- Propof. 48. Theor. 3.

i§i quadratum ab wno trianguli latere deferi-

prum > aduale fuerit quadratis dreliquis

lateribus defcriptis angulus dreliquis late-
bus contentus,reius erit ,

D E Sto quadratum i latere B
C trianguli A B C defcri

prum,equale quadratis 3 lateri-
Ce .bus B A, A Cdefcriptis . Dico
aprope * 7 angulum B A C rcitumefle, o
1.1, C Ducaturenim ab A-punéto li-
DA - U nez A C ad angulos re®os re-
' GaAD,& fith ADipfiAB =-

b prope qualis,itigaturq; DC Et quia DA,AB gquales siic ,
L-1. | erit & quadratam ab A D deferiprum aquale qua~
dratpab A B defcripto.a ppanatur commune qua-

c ax.2. dratum ab A C defcrirtume € eruntigicur quadrata
ipfarum D A,A C zqualia quadratis ipfarum B A,

dpee. A C. Sed quadrata ipfarum D A,A C zqualia func
Avwig, quadrato ipfius D C. dangulus enim D A C\ré&l&s
R . Clt,
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eft. Quadratis autem ipfarum A B,A C ponwituf x-
quale quadratam ipfius B C. quadrats ergo ipfa-
rum D C,B C funt zqualia: ergo & latera . Et cum
A D, A B xquales fint, communis A C, igitur duze
D A, A C, duabus B A,A C funt zquales , & bafis
D CbafiB C:eeritergo & angulus D A Cangu- eprop. -
lo B A C zqualis: Eft vero DA C reQus: ergo 8.1,
& B A CreQus erit.Siergo quadratum,&e¢. Quod
oportuit demonfirare .

EVCLIDIS
 ELEMENTVM
" SECVNDV.M

Definitiones.

==37] Mne parallelogrammii re@angulum
f @ contll,:cri dxc\itgur 3 duabus reis li=
g J “ners angulum reGum comprehen<
=2} dentibus . #sinprepofis. 3. paralielod
gramwmum B H concmerwr & ineis B Cy B G, que angy
b vilinn B centimens. - . ; "

2 Parallelogrammi fpacij vaum'eorum , qua
circa diametrum font parallelogrammorum , cum
duobus complementis gnomon vocetur. ¥ in
propefis s figura € BF G H L confansa paralielogram=.
wis DL, F.@ quadrace D¢, .. - .

ey

AR A
% ( k) Pro-
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Propofitio 1. Theor.1.

Si fuerint dua reilalines s quarum alera fe-
Getur in qUOtcny; partes s reffangulum ab

. ipfiscontentum » equale evit rectangulis ab
UL infeda, O fingulis fe3a partib. contensis .

Int dure re@2 A,BC
B D'EC Squarum BCfccctu;

%

- vteung; in D, & E. Dico
reQangulum lineis A, & B
- C contentum zquale efie

G = retangulis contentis A ,
» K LH 3D,&ADE; &A,EC.
o « Ducatur enim ex Bipfi

“aprop.

B C ad angulos reos B

It. I¢ F,fiatq; bipfi AzqualisBG; & c per G ipliBC
b prop. parallela dueatur G H; per D, E, C verd ipiBG
2. 1. paraleele ducantne DK, EL,CH. EtautemBH
cprop. pquale iplis BK,D L,EH. Nam B H eftre@an=
31. 1. gulumipfarum A,B C;Continetur enim ipfis B C,

BG, & B Geftipfi A zqualis. BK, eft re@angul

ipfarum A,B D; Continetur enim re@is G.B, B D:

quidem G Bipfi Azqualiseft. DL eft re@angu~

lum ipfarum A,D E;nam & D K 2qualis.eft iph A.
& fimiliter EH -efk re@angulum ipfarum A, E G,

Eft ergo quod A, B.C continetur zqualeillis, qua
A;B D:A;D E;& AE C continentur . S1erge fuew
tint duz re@t®, &c. Quod opertuit demonitrares

A AN

'
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‘Propof.2. Theor. 2.
Sivefalineafecetur Yicunque s erunt refian-
. gula, quetota & partibus contineninr

#qualia quedrato,quod fit d tota;

- _E&a A B fecetur vtetnd; in
L£__CR C. Dico »eaih‘gm;j&s A
+B,A'C,& A B,B C cGtenta,gqua-
lia efle,quadrato ipfius A B.a De-

- . feribatur fuper A B quadratum A
. B DE, & ducatur per C ad verag;
D F p AD,BEparalicla CF. & 2quale
ergoeft A Eipfis AF,CE.Eitau-

‘tem A E quadrawm ipfius A B, reGtangulum ipfa.
rum B A,A Ceft AF; Contineturenim ipfis A D,
AC; &eft ADpi AB 2qualis. CE continetur,
A B,B C; Eftautem BE xqualis ipfi AB; Ergo
quzAB, AC; & AB,CB centinentur zquaTia
- funtquadrato ipfiss A B, Stergo re&a linea, &c.
Quod demonfirare oportebat,

. Propof. 3. Theer.3, =~ -
Si recalinea vtcund; fecetur s erit velangu-
* lum tota, &b wnaparte contentum , £qua~

a prep.
46. 1.

b prop.

I,

levectangulo partibus comento;@_tquadml '

to adiila parte deferipto .

E&a A B fit vtenng; feta in C. Dico re&an-
; gulum A B,B Ccontentum , zqualeefle, &
reQangulo.A C, CB; & quadrato B C conténto.
LR D =2 « De-

2,



e T T T T

52 LIBER IL

p. @ Defcribatur enim 3 BC quadratum C D BE,pro’

a
46. 1. ducaturq; ED inF; &b per A viriq; C D, BE pa-
b prop. _ tallela ducatur ,AF: ¢ Ergo
3r.1. A C B AEgqualeett,iplis AD,C E.

¢ prop. Eig; AE, redangulum ipfis
T. 2. A B,B C contentum : coutt-

netur enim ipfis AB,BE, &
d def, : deft BE_ iph B C zqalis.
WL 2T R A Dyverd eft reGangulum ip

. . farum A €, CB; eftenim D
Cipfi C B zqualis. D B, deniq; eft quadracum ip-
fius € B. Rectangulum ergo A B,B C coritentum,
zquale eft A C, C B contento ; vna cum quadrato
ipfius C B. Siergo re&alinea ,&c. Qiod demon-
firare oportuit, .

' Propof. 4. Theor. 4.' "~ :
Sirecda linea wecung; fecetur , quadratums to-
" tins aqualecrit & partium quadratis
& reélangulo bis parsibis consenso.
4 Gy FRMINOTI

EQa A B fecetur vtcunque inC. Dico qua~
cratam ipfius A B 2quale effe quadratis ip-

aprop. farum A C, CB; & rectangulo bis A C,C B con-
46.1. ténto . « Conflicuatur enim fuper A B quadratum
bprop. A D E B,ducaturq; B Dsac b per C vtrique A D,E
31.1. Bducatur parallela CF; per G verd vtriq; AB, D
¢ per Eparallcla HK. Etc qua CF,A D paraliela fune
Jruét. inipfafq; incidic B D, derit externus angulus B G
dprop. C zqualisinterno & oppolito ADB: e fcd ADB
2g. I, ettequalisipfi CB Dy quod & latus B A lateri A
erop. D fiv zquale; erstigitur & C G B angulus, 2qualis
s- L. GB Cangulo. f Quare &Jatas B.C laseti CG =~

quale
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qualeerits. g fed& CB ipf GK, & CGipfiK B £ propa
cft zquale;eritergo & G K ipfi K B zquale:zqui- 6.5,

laterumergo eft C G K B.Dico g prep
A CB quod & re@tigulum. Cum enim 33. 1
CG,BK parallelz fint,iniplaf- .~ *
B K 9queinadat CB; erunc b anguli h prop-
28 I K B C,G CB 2quales duobus 29- 1.
reQis: ireGus autem eft. K BCs 1 def
ergo & G C BreQuseritk Qua 27- 1.
D F E re& qui ex aduerfo CGK,G k prop.
K Bre&i erunt; retangnlum igitureft CG KB, 34- Te
Demonftratum autem eft, quod & zquilaterum :
uadratuni/ ergo eft; & eft 3 C B defcriptum. Ean- 1 def:
jem ob caufam & HF quadratumeft; & eftabH 27. 1.
G defcriptum,hoc eft, ab A €: Sunt ergo quadra-
taHF,CKabipis A C.CB defcripta. Etquia
A G ipfiG E m zquale eft.eftque A G quod A C,C mprop,
B conrtinetur; funtenim G C, CBaquales; erit & 43. 1.
GEzquale AC,CB ¢onténto . ErgnAG,GE .
xqualia funt bis AC, C B contento. Sunt autem
& H F; C K quadrara ipfarum A C,BC quatuor
ergo H F,C K,A G,G E'®qualia funt, & quadracig
ipfarum A C,C B;& re@angulobis A C,C B con
tento . Sed HE,C K,A G, G E conftituunt totum
A DEB, quod eft quadratusm ipfius A B. Quadra=
tum ergo ipfius A B zquale eft quadratis iplarum
AC,CB, & reQangulo bis A C, C B contento,,
Siergo,&c. Quod demonfirare eportuit.

Alia demonflvatio

T\ Tco quadratum ipfius A B ¢quale efle quadrae

.7 tis partium A C,C B,& re@anguio b1 AC,
C B contento . Ia eadem figura,com B A, AD finc
PN . D 3 xquds
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1 prop, xquales ,4erunt & anguli ABD, ADB zquales.
¢. 1. Et b cumomnistrianguli tres anguli 2quales finc
b prap. duob. reis;erunt & erianguli ABD tres AB D, A
32, 1. DB,B A D zquales duob rettis.c &etBAD re-
¢ per Quuiergo reliqui A B D; A D B vni reto ®qual¢s;
Sruf. cumgq; int equales , evit voerque femireQus . d ;e-:
d per Qusautem eft B C G,eft namq;xqualis angulo bp
frust, pofitoad A; reliquus ergo C G B femireGuseft: f
& per igitur 2quales funt CG B, C BG: g quare & late-
29. 1. raBC,C Gaqualiaerunt: hfed CB xquale eft ip.
f prop. iK G,& CG ipfi B K:zergo C K eft zquilaterum;
32. 1, icumq; habeatangulum C BK re&um: quadrae
gprop. tumerit C K, & quidem, quod fit ex C B. Eandem
6.1. obcaulam quadratum eft F H, efique zqualeilli,
h prop. quod fic ex A C: funtergo C K, H F quadrata ; 2«
33. 1. qualiaque quadratisipfarum A C, CB. Etk cum
i pr - A G,EG zqualia fint, firq; AG id, quod AC,C B
Sruii, continetur,funt enim C G,C B 2zquales:ergo EG
k prop. zquale eft contento A C,CB: igitur AG,GE 2~
43.1. qualia funtbis A C,CB contento. Suntverd &
CK, HF zqualia quadratis ipfarum ‘A C, C B:
Ergo CK,HF, AG,GE xqualia funt quadratis
ipfarumAC,CB; & his A C, C B contento: fed
CK, HF, AG,GEtotum AE conflituunt , quod
eft ipfius A B quadratum . Ergo quadratum pfius
A B zquale eft quadratis ipfarum A C, C B, & re-
&angule bis A C, C B contento . Quod oportuit
demontfirare . . :

Covollariu_u.

X his manifeftim eft in quadrati fpacijsilla’
& quz cirea diaserrum funt, quadrata efle. -

fhe s caa B aa

- Pro;
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Propof.s. Theor.s.

Sirella linea [ecetur in aqualia, & in ing-
qualia, erit veitangulum inequalibus to-
tius partibus cantentum yna cum quadrato
lineasque inter [clhiones interijcitur aqua~
le eis quod d dimidia fit qradrata ,

R EQa ABafecetur in 2qualia ad Csininequa

lia ad D. Dico contentum A D,D B re@an-
gulum cum quadrate qued ¢x C D, ®quale efle

quadrato ipfius C B, b Defcribatur enim fuper B

€ quadratum CEF B; & ducawur B E; ¢ atque per

D vtriq; CE, BF ducatur parallela DG: per H

wero viriq; C B, E F parallela K O. Rurfufg; per

Aviriq; CL, B O parallela A K; & cum comple-

menta C H,H F 4 ®qualia finc, i add atur commu-

ne D O; erit totum C O, toti D F 2quale, Sed C

O gquale eft AL;quod

qualis: eritigieur & A
L ipG D F aquale: fi

aprop,

10. L,
bpro'.
46. L.

€ prop,
46. 3.

dprep.
43 1.

A C D B &ACipi.CBfirz-.
()

O addawr cdmune CH
H addatur c6mune
K L / / erit AHipfis DE,D L ¢ Corol,

. %‘XG T zquale : fed A H, con-
tento AD, DB eft -

" wale; e eft enim, & DH 1pfi D B zqual's: F
D,D L autem (unt gnomon M N X: f ergo gno-
mon M N Xeft equalis AD; D K contento .. 81 L,
G comm.ne, quod e* zquale quadrato ex C D,
addatur: erunt M N X gnomen , & I. G zqualia
contento A D,D B, & 1lli quod ex C D fir quadra-
1o, SedgnomonMNX, & LG S)mm CEFB

4 qu

4-props
2.
fax.t.
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quadratum,quod eft quadratum ex C Biergo A D),
D B contentum,cum quadrato quod fitex C D, z=
?u.tle eft quadrato ipfius C B. Siergo recta linea
ecetur,&c, Quod oportuit demonttrare., -

Propofitio 6. Theor. 6.

Sivellalineabifecetur , eiq; in direlinm que~
dam vecda adsfciatur , evit vellangulum ,
quod fit ex tota compefita, & adiecla, ynd
eum quadrato dimidie s equale quadrato
quod fis ex dimidia & adicila.

EQa A B bifecetur in'C, adijciatur§; ¢i qua-

damB D in direGum . Dice rectangulum

A D,D B contentum, cum quadrato re&z CB, -

aprop. quale efle quadrato quod fitex C D. a Defcribatur
46. 1, enim fuper C D quadratum CEFD; ducatu:ique
b prop. . DE. &b per B quidem
gf: 1:,. A C :ng b vtrig; EC, P quarzl-
: lela ducatur B G: per

X T N/R M Hverd vtrig; AD,EF
0 parallela KM. Item

per ﬁvltn'q; CL.DM
arallela A K. Cum

E G F xp itur A C wqualis fic

cpropi 1682 CB;erit &AL zquaFe ipiCH:fed CHe
43- 1. pquale et ipfi HF: ergo & AL, mqualeeftipi H
dax.2.p, Commune addatur C M: d totum erge A M
gnomoni N X Oerit cequale: fed AM eft quod

edef. continetur AD,D B (eftcenim DM zqualisipfi
s7. DB:)&gnomon NX O zqualiseft A D,D B con
tento . Commune addawr L G, quod eft xquale

v qu;l—
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quadrato re&z C B: ergo contentum AD, D B,
cum quadrato ipfius B C, 2qualé eft gnomoni N
X O,&L G,Sedgnomon NX O, & L Gfunt qua
dratum CEF D, quod eft quadratum iphus C Dz
ergo quod A D,D B continetur,cum quadrato ip-
fius BC, rquale eft ipfius, C D quadrato . Sierge
re@alinea, &co Quod oportuit demonftrare.

Propol. 7. Thear. 7.

Sivellalinea [ecetur wtcumq;, quod dtota s
quod g; ab yna partium fit,wiraq; quadra-
tasequalia funt i, quod bis d tota & dilla

- partefit reclangulo, yua cum alserins par-
tis quadrato.

LA €CR R E&a A B fecetur vtcumque
w— inC. Dico quadrata,qua
H <, t

g ex AB,CB funt, zqualia efle
' bi A B, B Ccontento , & qua~-
drato quod fitcx A C. « Delcri- aprep.
batur enim fuper AB quadratd 46. 1.
f 2 ¢ A DE B,& figura * conitruatur. *wein
Et quia A G,G E 2qualia funt, i prese-
commune C Faddatur, erunt tota A F, CE 2qua- densib.
lia: vtraq; ergo A F, CE dupla funt spfius A Frfed
AF,CE funtgnomon KL M & CF quadratum :
gnomon ergo K L M,& C F dupla funt ipfius A F.
Eft vero ciufdem A F duplum bis A B, B C conten
tum; b funtenim, B F,B C zquales. Gnomon er- b def.
goK LM, & CF xquantur bis A B,B C conten- 37,
to . Commune addacur D G, quod eft quadratum
x A C:gnomon erge K L M, & quadrata BG,
' GD




1Y

a prop
46. 1

.

8 LIBER IL

G D zquantur bis A B,B C contento, & quadrate
quodex AC. Sedgnomon KL M, & quadraca B
G, GDfunttorum ADE B, & C F; que funtex
A B, B C quadrara. Quadrataergoex AB,BC
aquantur bis A B, B C contento,& quadratoex A
C:fiergo, redta linea,&¢. Quod oportuit demon-
frare. . ,

Propofitia 8, Theor. 8.

Sivecialinea fecetur wtcumq; > vellangulum
-~guatey tota € yna parte contentuns s cHm-
. quadrato alterins partis s aquale e5t gua-
-drato dtota & ditly parte, tanquam ab
wna lineadefcripto

RE&: A B fic fe&ta vecumg; in C. Dico reétan-
: f{l;ulum quater A B,B C contentum, cameo,
quod fit ex A C quadrato aquale effe quadrato’,
quod fitex A B,B C, tanquamex vna linea . Pro-

, ducaturenim A B in direétum , & fit B D 2qualis
C B, & a fuper A D conftitvatur quadratum A E F
D; & dupla figura conftruatur . Quia igitur C B ip -
isBD; GK;BD verdipfi

A C B D KN =zqualis eft; erunr &

G K, K N zquales. Ob
M ARS eandem caufam, erunt PR,

» [ TN RO=zquales. Cumdsram
‘ X %m;- @ BC,BD;quam GK,KN
b prop. L/ -’I/ zquales fint ; b eruntetiam
36.1. tam CK,KD: qumGR,
cprep, B F L F  RNzquliafed CK,RN
45 z g . ¢ funt 2qualie (func enim

com-
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eomplementa parallelogrammi C O ) igitur & K
D, GR zqualiaerunt. Quatterergo DK, CK,
G R,R N zqualia func:quatuor ergo illa funt qua
druplicia ipfius CK. Rurfuscvrm CBipiBD: B deovel.
D 4ipfi B K,hoc eft,ipfi C G;& C B ipfi G K, hoc ""’
eft,ipfi G P mqualis fit, erit CGiphi G P xqualis . :”"
Etam CGipiGP; & PRipfiR Ozqualis fic; f37
erit& AGipiM P; & PLipiR F zquale. Sed
M P, PLfunt e equalia, quippe parallelogrammi e prop.
M L complementa , erunt & AG, RF zqualia. 43+ 1o
Quatuorergo AG,MP,PL,RF funczqualia ;
quatvor ergo illa quadruplicia funt ipfius A G,
Oftenfa autem funt & C K,K D, G R, R N ipfius
C K quadruplicia : ergo o&oilli qrsgnomonem
S T Y continent,quadrupla funt ll;klw' A K:&cum -
AKcontestd AB,BD ficmquale, Stenim BKj .
iphi B D zqualis,erit quater A B, B D contentum ,

- quadruplum ipfius A K. oftenfus eft autem & gnos
mon S TY quadruplex ipfius AK. Quod erga
quater A B, B D continetur zquale eft gnomons
$ TY.’Commaneaddatur X H ( quod zquale eft
quadrato ex A C ) quater ergo A B, B D conten~ .
tum re&angulum , cum quadrato quodfirex A G,
zqualeeft gnomoni STY, & X H. Sedgnomon
& X H funt AE F D quadratum , quod eft.quadra=
tum ex A D: ergo quater A B, BD contentumre.
&angulum , cum quadrato ex A C, eft equale illi,
quod fitex A D quadrato,hoc eft, quodficex A B,

B C tanquam ex vna linea. Si ergo reQa linea,&e.
Quod oportuit demonfirare. :

WD) B
m«_xpa

Pro~
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21, I.

"7 ¢ Has qaadrate partium inequalivm depla

6o LIBER IL
Propof.9. Theor, o,
Sivedlalineafecetur in equalia. ¢ non aqua-

funt s & eius quod fit d dimidia, & eius
guod fitd linea’y que inter fecliones inter-
. oopitur quadrati, -

"Q Eccturre&a ABin C 2=
o qualitersin D inzqualie

i 0 gety Dicoquadrataex A D,
: ~D-Bduplacefie eorum , qua
— " exAC,CD fiunt. « Diica-
‘A. . QBB urexCipfi ABad angiilos
o ~ v ve@os BC, quz fitvtrig; A
C.CB xqualjs,ducanwr(’]uc EA,EB. Atgyper D
ipi E C agatur patalela DF: per F verd ipi A B
parallella F G iungaturq; AF. Etquia AC,CE

b prof. zquales funt; b érune & anguliE A C,AEC zqua

s.I.
cprop

32. 1.

des. Et.cum angulus ad Creéus fit; ¢ eruntreliqui
AE C,E A C vni reo zquales,ideod; femirei .
Eandem obcaufam CEBJEB C femire&ierunc:
vnde totus A E B re@userit. Cumd: G E Fifemi«

dprop. reGus fit ; d recius E G F ( eft enim mrerrio & op-

29. I.

¢ prop

fprp.

pofito E C B xqualis;). erit reliquus EFG femi-
ré&us: Erge G EF ipiEF G eft zqualis ; equare

23 o & latus EG lateri FG zquale erit. Rurfuscim

angulus ad B femire@us fitsre@us F D B (eftenim
xqualis interno & oppofito E C B)erit reliquus B
F D fem reGus . Eft ergo angulusad B zqualis D
F B angulo.f Quare & latus D F lateri D B zquale -
erit: Etcum A C, C E zquales fint, erunt & qua-
L drata
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drataex A C, C E zqualia :-dupla ergo funt qua-
dratoex A C: g zquale autem eft quadratisex A
C,CE quadratumex E A (mam angulus A CE re-
‘Eus eft ) eftigitur quodex E A dupliim e1s quod

ex A C. RurfuscumE G, G F #qiiales fint; erunt - -

& qux exE G, G-F quadrata zqualia : dupla ergo
funteius quod fit ex G F: Eth2qualisefus , guod
ex E F:ergo quod ex E F duplim effeius , quod ex
G F quadrati (Junc autem G F,€ D zqualis) ergo
quod ex E F duplum eft eius,quod ex C D. Eftau-
xem & quod ex A E duplum eius, quod ex A C: er-
go quadrata que ex A E, EF dupli funt eorum,
quzex A C; CDi: Quadrausautem ex AE,EF;
sequaleeft quodex A F (eitenim angulas AEF,
redtus ) ‘ergoiquad ex A F. quadratim: dupluma efd
corum, quzex A'C; CD: ¢i aatem, quod ex AF Kk
xqualia fuut quee ex A D, D F fitint { nam angudus
ad Dretus et yigitar queex AD, D F dapla funt
eorum, que ex A C,C D quadratorum ( funt au-

g rrop.
6.1, ",

Vo

h fro;:.
47.1s

>
i'prip
47. 1.
k prop.
47. 1.

tem D F,D Brequales)ergoquzex AD, DB qua-

drata,dupla funt eorum,qua ex A C,CD. Siergo
reéalinca, &c. Quod oporwuit duponﬁrare . "

P§0pof.xo. Theor.10.

Sivelalinea bifecetur > ciquein rellum q -
dam alia adijciatur ; que dtotacum adie-

. O, ¢ abadicla fiuas quadrata s dupls
erunt quadratornm , gue fiunt d dimidia »
& ad compofita ex dimidia & adiefla .

E&a A B bifecewur in C,adijeiaturd; ei in re-

AN &um B D, Dico quadrasa qneex AD,D B --

dupla

\
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aprop. duplaefle corum, quz ex A C, CP. & Ducatur
11, 5, cRumex Cipli A B ad angulosreGos CE; b firg;

b grop. CE iptis, AC,CB
2.1, aqualis; & iungantur
cprop. . AE,EB.atq;cper E
3L . ipfi AD agatur pa-

rallela E F. Per D
ver ipi CE paral-
.lela DF; & cum in
» . ! ) . parallelas EC, FD
d’.-.,. «* .o+ .wan . incidat EF, 4 erusc
29.1. 3nguli CEF,EF D ‘®quales duobusrectis: vnde
e «x.11.F E B,EF Dduobus re@tis minpreserunt, e Qua
" amtem a minoribus-quam fint dud reéti producun~
tur re&a line®,concurrunt: ergoEB, F-Dad par-
tes B, D produ@x concurrent : concurrant in G,
iungaturds A G, Etquia ‘A C;CE =quales funt,
£prop. ferunt&anguli AEC; EAC zquales; g:& coft
g 1. angulusad Cre@us: ergo E A C, A.EC funt femi-
g per re&i. Eandemobcautam C EB,EBC femire&i
frag, ot ergo A E B reQugeft:cumd; E B C fit femire- -
hprop Qus, h erit & DB G femireétus: eftverd BD G
29. 1. reQus ; i zqualis enim et angulo D CE, quod fint
i prop alternt: reliquus ergo D G B {€mire&us eft - quare
1. 1 an%uli DG B,DBG xqualesfunt ; k eruntigitur
‘kprop & larera BD,G D aqualia: Ruslus eumEG Ffe-
PP miredtus fic: Lredus qui ad F(eft enim ad C oppo-
1 "';P fito 2q ‘alis ) erit & F EG femire@us ; funcjgitur
? x‘ EGF,FEG zquales. m'Quare & latera GF,EF
314 ',,,,; zquakia erunt. Cumergo E C,C A equales fint 3
6 I; erit & quod ex E C quadratum, 2quale ei,quod ex:
*** A C: Quadrata ergoqur exE C,C A, dupla funt
nprop. eius,quod fic ex C A:illis dutem,quz ex CE, CA,
47, 1. ngqualeeft quod ex B AcetgoquodexEA duphz
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efteius quodex AC. Rurfus cum GF, EF fine
xquales, erunt & quz ex F G, F E quadrata 2qua-
lLia. Suntergo quzex F G, FE dupla cius, quod
exE Fullisautem y qua exGF, FE o 2qualeeft o prop.
o ex EG:ergo ¢ ex EG dupli eft enus,qp ex E F,siit 47. 8.
auté EF, C D xquales: ergo quodex E G duplum
efteius quod ex C D: oftenfum eft autem id, quod
ex E A duplum efle ciusquodex A C: quzergoex
A E,E G quadrata dupla {unt eorum, quz ex A C,
C D:illss autem quz ex A E,EGp aqualeeft quod
ex A G:ergo quod ea A'G duplum eft ecorum , quz P props
ex AC, CD: ciautem quod ex A G, g ®qualia 47. 1.
funt,quz ex-A D,D G:ergo qug ex AD,D G qua~ 97
drata dupla funt eorvm,quz ex A C,C D,xquales 47- 1.
autem funt D G, D B. ergo qu2 A D,D-B quadra«
ta , dupla funteorum; quaex AC, C D. Sierge .
re&a linca bifecetur, &c. Quod oportuit deméns
ﬁfIKCC LR, . L B

-Propdf;i i, ‘Probl. 1.

Datam reélam [échve s ‘9t quodtota & ‘ua
. parte continetur velangulnmrequle fit
.1 quadraso quod fis ex reliquaparse,-
S It:lau re&a A B, quam eporteatita f'ecaf'e, vt 2 prop,
uod ex tota & vna partium fic rectangulum , 46. 1.
zquale fit e ; quod exaltera parte fit quadrato . @ b prop,
Defcribaturex ABguadraum ABC D, & bbife- o0, §.
cetir A C inE, iungaewpj; B E. producatar C Ain prope
F,fitq; EF ¢ xqualisre@x B E. d conftituatur fu- 3,4,
grA Fquadracum F H, & producaturG Hin K. dprop.
1co re@am A B in H fe@amefle, ve AB,BH 46. 1,
: ¢oR~
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contentum re&anguld, zquale fitei, quodex A M
fitquadrato . Cumenimre@a A C bifeQa fitim
S E, eiqueadie@a in direGum A
eprops . g < F; eerit CF,F A contentum ,
3¢ e cum ¢o quod fit ex A E, 2zquale
1 H illiquod fit ex EF, funtautem
A —] EF,EB zqualesiergo CF,FA
a7 - coatentum, cum eo quod it ex
E . ‘ A E;zquale eftilli; quodex B
: B qua(}ratfo.‘fed en,quodexEB
, fxqualia fant,quzexBA,AE
fr r:{ - ¢ K D .{plgdrata (rc&&s enim eftangu
gl Jusad A)ergoquod CF, FA
. - continetur,cum illo quod ex A E quadrato,zqua~
le eftullis,quz ex B A, AE quadratis: Commune
quodex A E auferatur ; reliquum ergo, quod C F,
F A cointinetur, 2qualeeftei, quod ex A B qua-
drato. Eftautem CF,F A contentum, ipfum F K
g def. (gnam A F, FG funt zquales ) Quod autem fit ex
.37-  AB,eft A D quatratuin:ergo F K,A D funt 2qua,
" lia. Commune AK auferatur : eruntg; reliqua F
H,HD zqualia. Etautem HDquod AB,B H
continetur 5 (funt enim A B,B D xzquales) F Hau
h def. gemeft quod fitex A B ‘quidratum . Ergequod A
27- . B,B Hcontinetur reGangulum , zquale eft °
quadrato qu>d éx A H: re®aergo AB
fe@a cftinH, ve quod”A B, BH.
. continetur reGangulum zquale
... Hit.ei, quod ex AH fit
"6 . quideats...Quod
e facere epore
oo tebawes

' Pro.
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7 opofio 3, Thaotkr.
In triangulis obtufangulis’ quadrerum quod

fit-d lasere angulum obtufum f; ub&endﬂ.{’iﬁy

-

5. maiys eft quadrasis laterum obtufum con=

-+, tinentium » vellangulo.bus contento &, ab

. wnolatere obtufum continente in,quad.pro -

« . duClum pevpendicularis cadit,. €. 4 Jipes
- exterius aflumpta a: perpendiculqri ad gn-

gulam obtufum . s

™ It triangy
. angulﬁx habens B-A €. 4 Ducatur ex Bad
A produ@tam perpendiculasis B D. Dico quadra-
' - . . tumexBC maéu;;:ﬂ'e eis,
‘ i queexBA,AC&an

B JobisC A, AD contento,
- Comenim re@a C'D fe-

e quz ex-C As; A D quadrds
_c.,, . A D~,._.tis;.& ei, quodbis CA, A
P, D continétar. Commune
addatur ,quod ex D B. Ergoquzex €D, DBz«
qualia funt illis; queex C-A;A D, D B quadratis;
& illi,quod bis C A, A D continetur: fed illis,qua

lum obtufngglwAB € ng;f.{m Somr

it

Bafic vtctyiq; in A; b erit I;})gop:
.. quod x Dy Czqualeillis, 4.2,

ex C D, DB quadratis, ¢ 2quale et quodex CB, ¢ prop.
(eft enim angulus ad D re@us) illis autem, quiz ex, 47, 1,
AD,DBdzquileeft, gnodex. AB quadratum.y, d prop.
Quod igitur ex C B xqpalg elt illis, quz ex C A, 47. 1.

A B quadsatis ‘&,W%t@péiﬁgl\,:ﬁ Diigony
l N o tento,
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contentum re&anguld, zquale fit ei, quodex A M
fitquadrato. Cumenimre@a A C bifeQa fitin
. E, eique adie@a in direGum A
epropd . g ¢ F; eerit CE,F A contentum ,
30 ¢ e cum ¢o quod fit ex A E, zquale
‘ H illiquod fic ex EF, funt aurem
Al— EF,EB ®qualesiergo CF,FA
11 - goatentum, cm eo quod fit ex
E A E;zquale eftilli; quodexB
- B qha(;ratorfed en,quodex EB
s fxzquahiafunt,quz exB A, AE
i;":‘f S = K D qu;ldrata (rc&gs enim eftangu
: - Jusad A)ergoquod CF, FA
- continetur,cum illo quod ex A E quadrato,2qua~
le eft1llis,quz ex B Ay AE quadratis: Commune
quod ex A E auferatur ; reliquum ergo, quod C F,
F A cotinetur, 2quale eftei , quod ex A B qua-
drato. Eft autem C F,F A contentum, ipfum F K
g def. (¢nam A F, FG funt zquales ) Quod autem fit ex
.37- AB,elt AD quallratuin:ergo F K,A D funt 2qua,
" lia. Commune A K auferatur : eruntd; reliqua F
H,HD®xqualia. Etautem HDquod AB,BH
continetur 4 (funt enim A B,B D 22quales) F H au
h def. emett quod fitex A H quadratum. Ergo quod A

%7+ . B,B H continetur re®angulum , zquale eft

quadrato quod éx A H: reGaergo AB
fe@ta eftinH, ve quod™A B, BH.
. continetur reGtangulum zquale
... fit.ei, quod ex AH fit
MR | ‘q'uidu:a -.*h%d
Teoo o facercoper

R SRV S

Pro.
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-
o« % oupl v

vy

. oyl .».,"-,. o.:? ~-m!|;n.r\;ﬂ=ﬁ
Propofitio x2.. Theor.xs. |,

In triangulis obtufangulis’ qyadrasum quod
- fitdlatere mgu?umobtu[tgm fub&cndﬁl?‘,_'?

5. mains eft quadratis laterum obeufum con~ .

-, binentium > vellangulo.bis contento &, ab
. wnolaterc obtufum continente in quod.pro
-, . duélum perpendicularis cadit,. &4 Jjpea

- exterius efiumpta a. perpendiculqri ad gn-

gulum obiufum . LK

R S BRALAN PRI SR & LI
[ ¢ It_-!.ﬂ%ﬁﬂum obtufangulum AB €; obufifm
aJ angul
A produ&tam perpendiculasis B D. Dico quadra~
. . . tumexBC maéu;tﬂ'e eis,

L i queexBA,AC}e&an
5 Egbis CA,AD qohtengt
- Comenim re@a ,C'D fe-
Aafic vteyq; in Az¥erit

LR quz ex-CAsA D quadrde
,._tf\,, . A ‘?‘,,.tis;& ei, quodbisqgaA,A
Eeloo D continétur . Commung
addatur ,quod ex D B. Ergoquzex CD,D Bz
qualia funt illis; que.ex C-A;A D, D B quadratis;
& illi,quod bis C A, A D continetur: fcd illis,que
ex C D, DB quadratis, ¢ 2quale eft quod

habeas BA €.« Ducaturex BadC 2

a4
P
3.1

»
e

bprope

.. quod gD Caquleillis, 4.3

€x C B' cprop.

(eft enim angulus ad D reétus) illis autem, qus ex, 47. 1,
AD, DBdzquileeft, guocdex A B quadsatum.y, d prop.
Quod igitur ex C B &quale eltillis, quz ex C A, 47. 1.

A B quadratis , _&,;d@xgg@;@jiﬁql\,,ﬁ Dygony
- : -~ 77 tento.
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tente . Intrianguliser oobmfan lis &c od
o;ortmtdcmoniharc .g : S %

Propofe13. Theor.12.

In acutangulis triangulis quadratum lateris
“acktum anguiym [abtendentis minns eft
v quadmn acatum continentibus reflangulo
* " bis contentoy & ab wno Latere acutums ton~
Y tinentes in qisod pcrpcndtcnlam cadit; & d
" linea @ perpendiculari mnu afiampta ad

angulum acutum.
Tt acutangulum triangulim AB C, habens acu
a prop. S tum B ) dut‘:a.mk ab A in'B C perpéndicularis
Befe o *-AD. Dico quadratuin quod
fit ex A C minus efle illis
quefiurtex C B,B A,rettan
. gulobisCB.B D centento.
- &um enim re@a CB fe&ta

. frevtcumque in D; b erunt

2 quz ex CB, BD quadrata

i o o #®qualia bis CB,B con-
B:. ltento,&xlhquodex?f /

quadrato . Commune adda-
tiir’; quod’exAD- Ergoquezex CB, BD, DA
quzdrau s equalia funt bis € B, B D contento, &
quadratisquz ex AD,D C: Sed illis,quz ex B:D,
P A,quale eft quod ex: AB (cﬁ ‘enim anFulus a&D
te&u;‘)dhs verd queex A D,D Caqua

- ex AC. ErgoquzexCB,BA zquaha Tunt: &11!1
quodcx A C quadrato ; & illiquod bis € B, BD
.- eontinetur. %are quodex A C quadratiim mi--
mweﬂ: illis,quz ex €B;BA quadrans, rc&zngu- :
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Jebii B €;B Drebneento . Intridngulisergoacuy
sangulis,&c.Luod demonfirare oportiiic, .
o Uipropolit4. ‘Prebl 2.
Batoreililineo aquale quadratans conflicuere,
" Storetilineum A ,<ui opergeat zguale quae
o drgum eSfjmere. & Fiaf re@tilifco Agquar 227
¥e parallclogrammum re@angulum B D. Siigialy 45° 1
- BE,ED fuerint zquales,fatum eft quodrgetitur 3
etit eaim re&ilineo’A zquale quadritum BD. 'Si
o h‘ ;.1 ‘non%'eri¢vnaipfari
BE,E D maior: Sis
maior B E,qux pro-
* - dicawurin F, 6 fatq; b prop,
m F&,{ipﬁ ED gqii;h‘s, 2.1,
e biifgceturdgs F-Bim ¢ prop.
& G, & cen:?oG, ing ‘if:f.
ST R e tetualle GB, aut G
F defcribatur femicirculus B HF, & producatut D»
EinH,ducaturg; GH. Cumitag;ire@a B F g&a
Rt zqualiter in G, inzqualiter in B} ¢ erwquad B dprop:
E;EF cétinetur, cum ¢o qued ex B G .quadratoses 5. 2.
quale ei quod ex G F quadrato . v autem G F,
" G H zquales.. Quod erge BE, & E; continetur
cum co quodex G E, zqualeeft illiyquodex G s
illi verd quodex G H, ¢ ®gualua funt quz exH B € 7%+
G E quadrata:ergo:quod BE, E F contindtust, um 47+ -
eo-quod.ex. G E, equale eftillis , que ex HE, G
Lommune auferatur, quodiex GE; &emtréliqua =
quod BE, E F continetur , mquale ef, qurod ex 8 H
quadrato : fed quod BE, E F continetur dlw]pﬂm\
B D;fiquidem:E B ED: fiintiequales ¢ pakd!itio-
grammumergo B D ‘zquale eft ei- quudiot 1
suadratos Eftautem BD dmuilvcefilinesiAser- -
[RIEYAN ’ E 2 go
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dprop. ¢ fint, communis D.G; ecumt due A D, D
v0. 1. G,duabus G D,D Baquzip;akgra aleeris f& ba-
eprop. g3 A gl fis. Azquahs bafi G
8, 1. e c . ;n,-::: & untﬁmmexcentro
forop, . o &anguli- A D
; Bgquales eriit:
b ?Cum autem re@a fu-
per re@tam confiftens
angulos deinceps gqua
“les fecem » reus -erit
vterq; angalorum s re-
Gusergo et GD'B; fc&
- & FEDB reQusefl;e
ergo angulus;F D B¢-
quahs angulo GDB,
maior mineri,quod fieri nequic . Non ergo G«n-
trum eft. Sinvliter: oftendemus quod prater F
nullum aliud : F ergo centrum eft. ngd mucm-
re oyoxtult .

s

Corolldriun .' o

X his manifeftumeft,fiin circulore&a qua-
dam re&am quandam bifariam , & ad angu-
los re€tos fecet 5 in fecante centrum cn'cuh effe.

Propof 2, Theor. 1.
_ Siinciraliperipheria dito puncls accipian~
-tur > vella illa coniungens intra cir- -
eulyms cadets
Sto citculus AB C,” & in'eius periphetiaace
cipiantur quxcung; duo'puadta A; B. Dico
: <reftam
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re&amy.que.ex A in B ducitur ingra circulum ca-
dexe . Sinon:Cadat,fifieri poteft,extra,vt AEB,
& accipiatur centrum ¢irculi AB €, quod fir I,
iynganturque D A, DB, & producatur D FinE:
IR TE +Quia D A & zqualis adef,
L .. cit iph D B; b exit & 1y,
- ..~ angulusD AE angulg byesp,
. DBEzqualis;cimdy 5.3.% .
}ri:mguli D AEvaum’
atus A B produétum
fitin B, ¢ erit angulus :E”{'
D E B maior angule ~
D AE:zquales fumau .
:tem anguli DAE,;D ; .-
:BE, maiorergoelD
& B angulus. quany D
E; dmaior antemt an d prop,
3 -gulgsmaius latus fub- 19,
. _ tendit ; maius ergSeft
D Blaws,quam D E ¢at D B ipfi D F zquale eft;, dof,
maiug ergo eft D F,qui D E, minor majare, quod ” :
fieri nequit:Non ergo que.ex A in B ducitur extra ~’
girculum. cadit. Similiter oftendemus quod nec
in ipfam peripheriam;cadet ergo extra. Siergo in
circulo,&e. Quod oportuit demonftrare. - .

Propol. 3. Theor. 2.

Si incirculoreita quadam linea per centrums
andias recdam non per centram duilam bi.
fecet s & ad angules vellos ipfam fecabit
Et fiad angulos veclos ipfams [ecet > bifa~

" viam quoquefecabis . 4

E & Efte
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~-Sto circulus A B-C;& re@a quadam € P per:
A centrum , re&am quandai A B non pér cen=-
thini du&am bifecetiin F.' Dico quod & ad angus
Tos re&os ipfamifecer . * Adcipiatur enim’centruny *
“-or Eydweanturq; E A.E B. Cumque A F,F B 2quales
.21 fnéeemmunis FEsereint duz AF,F E duabus F B,
aprp. ¥ Eequales afifg; BA baf E Bisersodsapgulus
8.1.; AFEangulo BFEzqualis erit. Cum autem re=
T ot afuper re@am cén-
!iﬁens apgulos deip-
€eps :eql_qu:les fecerif,
} re@us enit vter%e
zqualiumjangulorym
vterg; crgoAFE; BF
Ereétus evitetga C
D per centrutn du&a
bifecans A B non per
centrum diu&am, & ad
S . ... angulos reGosdpfam
v i eI i ie - Heeabit s Sed iam C D
. adangulos réQos fecetipfam A B; dico & bife-
care ipfam, hoc eft, A F, F B zquales efle. ijfdem
confirud@is,com E ALE B zquales fint; £ erunt & an
s.1. BuiEAF,EBFgquales: eftautemrefus AFE
re@to BF E zquals ;" duo‘ergo triangula EAF, B
F B,duos angulos duebus angulis quales habenw
tia,& voum latus vni lateri, nempe commune EF,
dprep. quod vnizqualium angulorum fubtenditur, d ha-
26. 1. Hebit & reliqua latera réliquis zqualia: zquales
ergo funt AF, FB. +Siergo in circulo,&¢. Quod
oportuit demonftrare. . S

€ prop.

A}

L r 3 " Proe
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“iv v o-propof.gs Theor. 3. '

.i;i in.circulo due rella linee fe mutud fecent »

. . nowger centrum dulle, fe bifaviam
: now fecabunt

SR . YZiSto circitlus A

X+ BCDijneog;

} non per centrum du-
p &=z, feinuiceminB
J. ‘fecent. Dico quod
"~ fe bifariam nonfe=
cent. Sifieri poteft,
: ~“ & febifariam fecent;
e o T T fimg; & AE,EC &
: T D E, B E ®quales; &
accipiatur centrum F ducaturg; F E. Cum ergore=
&a quadam FE per c’eritrumau&a ,re&am quane
dam A Cnon per centrum du&am bifecet , ad re-
étos aaagulos ipfam fecabit : angulusergo FEA
re@useft. Rurfus cumre@a F E,reGam quandam
B D non per centrum du&am bifecet, ad b angulos
reftos ipfam fecabit; reétus ergo et FE B. Often-
fus autem eft & FE A re@us ; ergo FE A, zqualis
eft F E B,minor maiori,quod fieri nequit:non ergo
ACBD febifariam fecant.Si ergo in circulo,&c.
Quod oportuit demonfirare. )

Propofitio 5. Theor. 4.
Si duo civenlife inuicem fecuerint, non evit
ipforum idens centrum.

Vo circuli ABC,C P G feinuicem fecent

in B,& C. dico iplorum nog ¢f¢ idem cen-
* ’ T trum,

'~ duz re@z AC,BD ..

aprep.
3. 3
bm’t
3.3



trum, Sieft;Efto Eiungaur E C;& ducar BRF G
ade, VECURg. Et qma E centrum cﬁ crculiABC,aeric
: EC¢qualis E F.

15. 1. Rurfugquia E c&
trum eft circuli

. CDG b erit &

b def E Ceqalis EG:

Oftenfa eft au-
tem E C =qualis
. EF.eritigitur B

' . F xquahs E G,
R ‘ minor ﬁmalon .

M Qx_o eri ncs
) B © o quit )dNon ergo
E centrum eft cu‘culotum ABC,CDG. Siergo
duo circubi,&c. Quud oportuit demonﬁrarc.

15.1. A

Pro.pof.s.' Thcor. 5.

5i duo cirenli inteviusfe contingant , non evit

illorsm idems centrum.
PO Y . ’ Vocirculi ABC,
y : CDE fetangant
. interius in C. Dicoil,
lorumnon efle idé cen-

trum. Sieft: Efio F,
iungaturq; F C, & du-
catur FE B vecunque .

adef - R Cum ergo F centrum
15 I. ftcxrcuh ABC, acrit
b def. F C zqualis FB. Etcit

5.4 F centrum etiam fit circuli C D E, berit ¥ qu]
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JifFEa demonfiras eft autert & F C 2qualis FB:
&rga FEwqualis eft F B,minor majori ; quodfieri
mequit.. Nonergo F centrumieft cireulornmr A8
G;C.BE: Siergo duocm:uh &e. Quod demon~
&urcopemut. . e

SR ”:mm,,_....-.?i';zsf

St in dumtro cirauli accipiatur, punilum »
quod ;;gmtm non fits ab eog; ih circuluns
cadantrelia, quadam  paximperitipqus
- eftacnenm; minimaveligua, aliarupeaetd -

- propinquidrieisgua pet centriiwp tranfit ve-
fn'onorqcmerma Mﬂaum

" tum aqufcsi punils i cipcuinm udcnt
u vzra[q,wm tpliu: aimk, :

Sto’ circulus AB
. -G DB, diametrys : - -
U éﬂu{;ﬂ D,m qua fumaa.
tur spinétim  quoduis
- :Fy qued. centrum non
coafied Ceatrum autern
ni §itBe ‘Cadant ab Fad = !
K circulum se@z quads - *
4 “FB, FC,FG. Dxco
. H - -maximam effe F Aja¥ .
o D . nimam F O: aliargm -+
B F B maiorem , quany¥ -
i v &FCmamremquam F G. imgaatur enimB
B, CE, G E.“Et quia omnis tringuli% dvo laterd aprop,
reliquo maiora fimt; crudt EB,EF muomi:f: 3G1.

\.1

SR
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-Eft atteor A B ipfi BEixqualic ;- fincergs BEJRF
requales ipfi-A Ky meatorigitur eft A B giidhoBF.
Rurfrseum BE,CE 2quales fintcomitunis: B F3
~enint dae B E,E-F,-duabus CE, BFequils J‘féd
‘bax. . angulus BE F b maior eft angulo CE Frericw: igie
‘¢ prop. tur & bafis B F maior bafi CF. Eandem ob cat=
24, 1. [ammaior R CHF g BG. Ry comGF,FE
maieres fint quam E
ALY ]’ .ﬂu k +G: & EGED equaICS,
dn ¢ v SYREGEANF E.maie-
- ,rcs quam E P; commu
* 7 nis auferxmrk‘F d re-
Y Lo fiqua g0 GF; reli-
- qua F D. maior erit.
y Eft exgo. FA maxima;
- R mmima DF;maior au
"_“’ temF B, quamF C, &
G " - hzcsator quam B G. .
Dico feciido , quod ex
O Fdue tamum xzquales

€prop. ad circalum cadam: vtrmq, iminimaP F.e Con-
23. L. ftiwdwrenimadEré@tx EF SF B ¢qua-
lisangulo G'R B;aducaturq, er NG, E,
FH requales fint ,"conmunif E F er t
L' Fyduabus H- E{E Fﬁquale& angul F,;nQ
fprop. iguloHEFaths T:gl oy & |  GbaliFH
4 Te Zritzqualis .. Dico temo,,quo& rp,hj Gnullaalé
aqualis ¢x Fad circulum cadat. Sien ,midu: 3
Cadat FKD Cuthergo vtrag; F KyE. 1 PG fic
& 9% legequalis ;g eric & FKipAFH kql@ls propine
h d of Ruiarergo ei, qua eftper centrum, zqualis eft re-
fhotiori;quod fier» nequit . Vel fic, -DucatnrEX,
Cum ergo GE, EK 2quales fint, communis F B,

lpr af: xtl:mhbaﬁsGFbaf Fquuahs,acm&angulus
02 GEF
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‘GEXR1agulo K E F zqualissfed GEF 2qualis eft
" afigulis H BE: exgo & H EF mqualis erit iph KB
E;minormaioti,quad fieri nequit . Non ergoab F
plures:viaiph G F equales ad cirgylum cadunt,
Siergo ifl diargetro, &c. Quod oporwit demeon~
{frare. . . Jas
' T . Propofitio 8. Theatips
Si extraciveulums accipiatur phntiam,ab eoq;

_ad civculups ducantur recit qasdim lince,

Guarem-yna. per “""':@.‘V’Mfﬁtmli que- .

" wt libet. Earum-quidens; qu \ in cauam pe-
 ¥ipherinms cadant, mfﬁ:‘mﬂﬁ,’ qu eft per

- centrumialiarum vewg propipquior iy que -
fempey aioref} . - -

. per centram  Yemasi
T oAl eaTHTE 5 QU in cotuexam peripheriam
" eadunt,minima ests que intex punctum &

. diametrum intergicisur; aliaviim vevo, que
. propinguior seinima [emper remotiore mi-
. mor efk:; D& autem tantum aqaales dphn-
" o i Hirculum cadunt ad:viraff; pavtes
. minige.. e

+

vl b 2o UM -
‘L7 Sto civelus) A B.Ccextra-quem accipiatug .,

S pun@um. Dyab ipfoq; ducantucrecte quads
per tenfrum i Dico-quodiotidensiamrad caianypey

ripheriamt AEP Cmanimadfic; que per centmum .
tranfit, D’ A;minima,que inter punnm Dy-& dia- .

srietfum A G interijeitut i gz et DG; IDAJOr alts
rend D Ejquamn D P, & hecmaior. quamBD.C. Fas
fatar Tum

-
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mm verd qu¢ in comtiexim periphetiam RLK.G
cadune femper propinquior M 1n1nik D G,
Tt minor efbremotiore ;
hoceft ; P K minory
eltquam DL, & hec
minor quam D H.
Accipiatur centra M,
-iungamturq; ME, M
- P,MC,MH, ML,
KM, Etcum A M,
"E M « zqualés fint,
.. communisaddatur M
=~ , Dyeritq; AD zqualis
vtrifq; E M, M D; fed
" EM,MD b miieres
funt quém EB: ergo
& AD mior cltqui
ED. Rurfus M-Ba M
P zquales funt, com-
* munis addatur M D;
.+ 7 enintg;EM,MD z-
quales ipfis MMy M D: fed angulus EM D maior
cprop, cftangulo PM D¢ orgo. & bafis ED major eft
24.1. bafiPD. Similiter oftendemns P D maiorem’efle
dprop. CD. Maxima ergoeft D A, maior DE quam D
20. 1. Py &DP praiorquant DC. Cumg: M K,KDd
can.s. periores fint quani MeD; & M- .Gu.equalis i Lfe
erit reliqua K Dwasierireliqua GID:: - efa
minor eft quam K L. €enih wmnilm toinimb .
E¢ quia linea M Kj K'Drdxermuis. lateri- M D ing
fprop. ryortanguium M L Deonftinte fune, fermpitle
21. 1. minores quamM L, 1:D: funt actom M K, M Lees
quales ¢ ergoreliqua D Kminor eft , reliqua: D L,
Eodem modo aftendemus D L minorem ¢ffs /i,

] .

Mini-
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Minima ergoeft D G; minorautem DK quam D
L,8% D L winor qiain D'H. Deinde dico, quod &
punéto D tasitum dux zquales in circulum cadant
ad vtrafq; partes Minimz. g Conftituaturad M li- gprop.
rmex M D angulo KM D zquaits DM B, ducatur- 32. 1.
que D B. Cumergo M K, M B zquales fint, M D
communis; erunt due K M, M D, duvabus BM, M
D xquales;alteraalreri, funfverd &anguliKM
D, B M D zquales, b erungigicur & bafes D K, D’ hprop,
B xquales. Dicotertiore&td DK ipun&oDad 4+ I |
circulum zqualem aliam non sadere. 'S: enim po.
teft, cadac DN. Cumergo DK ficzquaisDN; |

& il;\ﬁDquualisDB; eriti S DBipiDN 2- 14 I,
qualis propinquior minime remotiori, quod fieri

non pofle demonftraturh eft, Aliter. Ducatur M N,

Cum igitur K M, 2qualis fit M N, cowrmunis M K

D, & bafis D K zqualis bafi DN & erit & angulus 8 prop.
KMDanguloDMN zqualis:fc_dk MD zqua. ™ I.
lis'eftangulo BMD:ergo & BM D 2qualis erit '

N ‘M D, minor maiorizquod fieri nequic: Non er. *

go plures quam duz 3 pun&to D ad circulum A B

C 2quales ad vtraf§; patres B Gcadunt . Siérgo

extra circulum,&c. Quod demonfirare oportuie, -

Propol;.p‘,‘ Theor8 ,

Siintracirculum accipiatur punlum, ab eoq ;2' .
" ad circulum plares quam duc equales
. reclecadant ; erit acceptnm pun-
Clum centrum cirenli,

ESto intra circulim A B C dccéptum pun&um
‘D,ab'eoquead cicculum'A B C plures quam
L ux

pad
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duz re&2 zquales cadant, nempe DA, DB, D C.
Dico D cencrum effe cireuli A BC. jungaotur A
B,B C.bifecenturque inE & F,& iyn&a B D, D F,

producantur in G,K:&

B L o H, Li (‘;_uni ergo AE

TN 2qualis it EBycommu
F‘\(‘ g .niqs E D:cruntduz A B,

L . E D,)dua‘b'B.-E’ED gqu

o b K E G les;efta verd & bafisD
. ‘Z F] 9 Abafi D Bgqualis:erie
{” - . - bigitur & angulus AE
s’;ul’° A 1 ... DanguloBED®qua-
e dtf = AR lis: ¢ reCtus ergo veer~
; . - queelt,fecatdergo G

zo. iy K ipfam A B bifariam,

PP & ad angulos re&tos . Et quia,e quando in circulo
c;-z;n-l'te&a reGam fecat bifariam & a% anguios reos ,
vop.g, i fecante centrum eft circuli, erit in G K centrum
PP Circuli A B C.Eademratione centrum erit in H Lz
3 & nullumaliud commune pun&um habentreétee
GK, HL prater Njergo. D centrum circuli A B
C. Siergo intra circylum, &c. Quod oportuic’
demonftrare. R R
Aliter,

INtrz cireulum AB C fumatur pun&tum D, ab
eoq; ad circulum plures quam dug re@t® zqua-
les cadant, DA, D B,D'C. DicoD eliccentrum”
circuli ABC. Sinoneft. Efto E, & iun&aDE
adef producaturin F & G, £ Bt autem F G diametrus
y x circuli A B C. Cum ergo in.diametra F G acce~
1: I’;‘° * ptum fit pan&um B, quod centrum circulinoneft 5
(o erit D G maxima ; mator autem D CquamD B,
7-3: &D B maior quam D Ajfed & ;‘;qua.les‘[ygqg:od
. : ' = flerd

VRS PP [
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fieri nori poret. B "
erga’ centrum cirs - ¢

¢ultA BCnon'eft,

‘Similicer oftendes

I inus ‘quod pratet
‘Dalibd nullum :'D

ergo centrmm’ di

e .C’lm]l . e
RN {
)
Propof 10, Tﬁcgr. ,. o
Cmulns circubwns in plursbas , zpam duolms
punilis non [eut.
I feri potef fecet cxr&dqs ABC circulum D
S F impluribus punﬂ:x; quim duobus, vein B,
A ; G, F,H, umnm
. &md; BG,B 5
7 Hea b:fec:n- "l:"f-.
D - awin K & L, :
atgsex K,& L-
LIWE “ipis BG,BH b
‘ ad b angulos bprep,
N [0 “&Gsl.dlud&z 1.4,
' KC in
K ; G A, &Eprodu
‘ cantur, Cum
- (ergo in gircua
< logAB C re-

&2 quadam A C, reGam quandam B H bifariam,

& ad angulos re@tos fecet sceritinlAC centrym 7P
circeli AB'C. Rurfus cum in céodem circuloAS 3- 3°

© C re&a quedam NX ream qu-adam BGbifa-

riam,
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d iam , & ad angulos re@os fecet in N X cen—

P"' a;;;ﬂn; cgcuh, Rx BC. Dempnﬁmtum aulSeft quod

_&ip A C:atquiip,nullo alio pun@ore@z } C, N

iconcurrunt, quam ip @:eft cr om centrita cir-

suli A B C. Similiser dhmoiifte Us centrym cir

liDEFin Qefle: duokumer ;: culorum A B

, %.DEFIcmwcem fecanbium A2d m¢ (t #nztum

eprop. O: e quod fierj nequic, N ox‘l éi cmedls circu-
5.3, lum, &c.

Aliter, Circulus AB C cnrculumD EF in plu-

ribus quam duobus punéis fecet,vtin B, G, H, F.

Acclpxatur cireuli A B C ccntrum K,iun ganturque

Wit RTN R K'F,KG&KB Cum |

A-_ e ekgointra circulum D

EF acceptuin fit pun-

Gum K abeods ad cis-

~culum DE X eadane

plures quim duz reGte
¢qualesKB,KF.KG,

. {
; L o | exit centrucucuh
3'1’*3?- B- _ DEF:fedMjetiamcen
P , trum _cirey B C-
W c»\._ o 2 Duérum er ergoc
prop eﬁcencrum,bquo

m_wangm“
ri non poteft. No
53 Gulus circulum in plpribus q:lm duobl n&xs

fecat. “Quod oportuit: cfemo rases
: Propol. 11.- Ineom&

Siduo amxh [einterins tonﬂngant s reélali
' ned corups centra coniungens » fi prodyca-
““turscadet mconuﬂam circulorum, .. ; -

Vo crreuli AB.C, A D E interius fe.contin-
AN Qn;mA, Acc.lputur circuli quidemA B C
“ceR=-
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centrum E; circuli“uerd \_A:D_'[l}‘centrﬁd h GM%M-
’ s ex G intFdachut, fiproducae fir:

ot qui ex T taum cadat. Si non.
A Cadat aio,vc FGDH,

g aprep.

um ergo A, GF 4 5, ¢

B/ 1.

he i

i AF,AG,

hoceft,quam F H{¢qua
P “tiecpim eft F A,.iph F
5 ERpnim vtraque ex
’ entro ) auferaglr com-
mutriek G:#€liqua ergo
A G maior erit reliqua
..t n s GHeltautem AG, ipl bdef
G.D b zqualiszerit ergo G P maioripfa G M, mi~ yqx
nor maiore quod é2pi Aenposel . Nongrgoquz
ex F 1n G duciturextra éhatadig A cades. 2 X5 g0
inipfum.. -~ EENEOI LR U PR ST TP RRRTE
- Aliter. CadaeviGF G quain producaty, . -
ijunganturq; AG; A'F. Quiacrga’A G, GF.nniar cprop.
ioresfunt quam A F:fed AF d zqualisef € 8, hot 20. I.
eft, H:communis.auf¢tawt B Gseritd; & Gyquam d def.
reliqui G H maior: hoc eft, G D maiasericgquands 15+
G H; minor qugm maior; quod fieri non potett.
Jdem abfurdum demenfirahimus- fismpatoris cen-
Tum fit extrd minoram gircplum . Sigrgo dug cis
%I?:&AC’.S Quod opé‘xft‘uiidertt‘)ogﬁiarci. Befe s
! 3 - 2N CPRTEYRINA L A £
- propof, 1%. THeor, r¥, "1™
$i duo ;{rcult [efe c_xtc'n‘u{ contingant ye
_ipforum centra, coniuiges per coita-+
Corp s Clumtraphbite . g
DVo circuli A B CyAD Btdngunt fe exterins - -
“in A. accirinnt_wércircu&m:g :chtuqzﬁn: o
o 2 t
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£ F,G. Diso,quod; qua F, iungit, ger coaveas,
-Gwm A eranfeat. =S£non:mnfea:,£ﬁcrjm&,

, ~ VtFCDGy&iunganetur AF,AG. Cumigieur R
adef. centrum fit civculi A B C; aericF A, 2qualis F C:
'f.  Ercum Gifitcentrum circuli A D E,erit & G A iph

G D aqualis. Oftenfaeftautem & F A zqualis F
bprop. C.Sunt ergo FA, AG ipfisFC, DG wquales .
20,1, Quaretota F G maioreritipfis FA, AG: fed 8 b
o mittor eft:quod fieri non poteft . Nonergo qua ex
“Fin G ducitur aliorfum quam per A conta@um
s eranfit. Siergo duo cireuli y8tc. Quod oportuit
- © demonftrare.

~ propof.13. Theor. 12, ‘
Cirenlus cirewlum in pluribus punclis wro non

sangis.fiue interins,fing exterins tangat,

2

S I feri poteft, tangat primo cisculus ABD C
circulum E B F D interius in pluribus quam

10 pun&is,ve in B,D: & fumawr circuli ABD €

aprop. centrim G: circuliE BFD centrum H: ergo’ re@a

| tte 3 contra GyH iongeakacadecin contadtus B,D;?-
Nt ! 2t
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dat% B’ B.G'H D *Cum igitut G K¢ eentruim cire
'c\dnﬂb C,crm!’ﬂaquahsxyﬁs Dimaiorigin
- tureft BG quam HD mul-
- ui.ito’ ergo maior-B H, quam
©7 . HB,Rurfus cum it H cen=
s trum circuiEB F
" Hserit BHipfiH ogc
facftaué multdifla maior,
: . quod fieri nequit :Non igi=
. tur circulus circulum inte-
D rius pluribus quam vno pun
&otangit. Dico qued neqd;
. exterius. Sienim fieri po-
- teft ,tangat circulus A CK
c:rculum A BDCexterius m-p]unbus pi&is vnox
vtin A& C,iunganwr§y A,C; Cum ergo in peri-
pheria éirdulorum. A BD.C, A CK acceptafiat
quaecun; punéta A& C,« cpdct veQailla coniun aprap,
gens intrg verumque circulumy . Sed cadic quidem. 4, 3,
in-cirevlitm A B D C; extra verd circulum A CK.
& Quadeft abfnrdum . Non. ergo circulus --citcue. b
lum extra in phmbus pundis vno tangit, oftenfum P vy
clt autem quod neq; interius . Circulus ergo, &c..

Quodopoumt dcmonﬁrare . . .
™ ol ~.(. mx U ) ooy TR
. "7” 4 ;.J.'.’ [T
dhrwlwtcm«rdtm
m }:t;qn tqnﬂher deomtrd 5
Js'"u MI ..\.';-"
UL . j st 4 f !
Vncoln exrudo AB. D@.n&:e ABC

+les¢ Dicdieas 2qualisericensro dxﬁan o, a.ﬁq.
umnm(n,i sguoad ;8 tﬂ,C R pcqen«ben-y, 1. 1.

lares
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lares ducansur B FiB:G g snngantus AEE C.Cufa
ergorolaBF pergontrupndida;reftam iplandam

~lot O H o Y8 B non per centrum du-

msp o g i m o 9rftam, ad angulog reGos fe-

boprop, - s uitiui @A b & bifapiaiieg
30 4. i . .vi.s obits equalefergo fupt A F,
o H:: EB.Ergo A\B Igeft ip-

‘18 iUt A F. o

e : 1thfameft CH s C
i A 3 <1 @ie gy - ’
[RAEER PO 4 iDL A‘.li:q F‘,C ' & y »

(At &

aAxX 7. 5
;d,ﬁ?_ o B B igon BIC 2quald
nithue <09 014w e uitguadrata i HAEEC
ius, quEBe. Suntautenvei quadrato fquodex A B;
fprop, aqisliaqueex'A F,BF (eftentifihigulusad F res
47. 1. Gushelaueem ,quod ex E QGequatia funt, que ex B

GG C(tidwa & ahghlusd 6 feCus eft: ) Sunnecy

a3 . ol e A F,EF aqualivilis,que ex'CGyG.E;

o .5 (Ohvi e 6 \uod ex Aﬂg’alﬁ:lmazﬂlb', qricak ex G
QUuhéenim AF, CG aquadcDydrit & rolipmm:y;

iy J GO ex F B teliquo quodex Br@y equalei: boc ks
$ d_cﬂ < gO‘E‘F-,EGkgna{esugIﬁdmdp autem:zequilived
3. I, debncp@ubefle dictatuniede s quando pespemli-
culares ex centro ad ipfavdfi@ar ;. xquales foering
Sed iam diftent A B, C D 2qualiter a centro , hoc

eft,EF,EQ ﬁnt’?‘!‘ ‘d’ﬂoy ﬁ":‘;_'e. DPrequales
ifidem copftruisidemontirabimu itiss
f\ﬂg d;gldf;xn,e@'g Jﬁ'ﬁ? A F&gg‘:pﬁus . G. gg;t
AE, CP E'zqualds fitectil ek rom quideata’ze—
h prep. qualia . b Suny verd i pgode s A E equalia , que
47+ o EF,FA: &e¢i,quodex CE,illaquzexEG,G
L ergb'qda'ctl!'lg)mm&m: que ex By GG

- Fequalia . Cum auresrediquod ex BG(kquale
: qgmrn:ll «BF (\fgd&hﬂﬁ; E Fggpmigilyeric do-

relie
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sediquisin, %'udd ex A F; reliquo quod ex € G £
qualeyaiialeségo funt AFC G, ER aucediipAud
A Fdupla AB; &ipfius CG dupla C D; zquales
ergo funt A B,C'D. In circiio-trigo" ¥quales re-.
@&, o quod opormit demoattmre. . - oD
| I R A R ¥ 28 T Bt TP W VIR
‘!..' "'.L ren, proP‘O{‘ IS" Th)c'orn 1'4'\\ [N
I civeulo niaxirps et djametrus:aliarum ve-
_ 18 (emper qua svepinquior eff centrore~
L mosioremaioreft, | [
I3 StocirculusAB CD, cuius diametrus A D,
K_» tepthutn E; propinquior diametro B, re-
motborhic¥ G, Dich mixjan éfiéf A D, maio-
- <% fem/B'Ciquani FG.a Ducdn® 2 /7op.
MAR - - turcnitidcenitroad BC,FG 3 Io
- perpendiculares E H,E K. B8
" -quia’B C propinquior eft cen
- tro, 'remckie} FG: b maior b defe
eritE K, ggiam E'H. ¢ Pona- §: 2«
“enripfE B WB&L;& per Epvops

"L Lidducatlligr EK admgu. # e
ND G Josteo , M;.qua duéth jn dprep.
L VE.‘;\:.')"J(HL)INM MVEN’E s TR F5
EG. Quiltletgo'E HipAEL figqualis, ¢ crit & eprops
B Cripfi MN zqialis :* Rurfus cuih AE iph EM, 14. 3.
EDverd ipfiE N ficequalis;erit & A D ipfisM E, (
N E 2qualis:fedfM B, N E ipfa M N maioressiic: . "%
eritergo &A P major quasi;M'N! Et quia duz 2% I*
 M'E;EN;dusbus FEEG zqualés fune; angulusve
18'M E N nizidr anpulo FE G: ¢-¢rit & bafis M N g prey,
meidrbafi F G: fed M Nioflenfa ‘eft -2qualis BC! 24.1.
ergo & B Clmaror'elt qam ¥FG l\%.-ixmir crgK
e . et
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okt dismétrus; maior B C quam E.G. -$i-ergo

inclzeulo, &e.: Qg,«l opomucdemoname .

.fgf s Propo['. 16. Theor.1s. :

Que diametro ad angulos redlos ab extremsi~
-tase ducitur s extra circulum cadit, Et in

locums,qui inter rectam lineam & peripbe~

= rvieminterijcityr > aliarelanoncadie . E¢
femicirculi angulus omni acuto reltilimeo
maior eft  reliquus autens minor .

[ §go circulus A B Ccirca eentrum D, & dia=
E metrum A B. Dicore@am lineamab A ipfi
iy A B adangulos reGos duGam extra circulum ea-
.1 dere. Sinon:eadat, fifieri poteft 2inkz,vi AC,
&iungatur D C. CumergoDA ﬁt #qualisP C,
o gric& a lut DACan,
(.' E gulo A aquafis : eft
. autemD A ére-
&Qusergoagit &K A CD
v fmtcrgo.ﬁ’rc. ACD
+ duobus re&xthqxhies s &
" quad fieri nequie:Non er=
~goquz b A punGo iph
BAad anguloc reftos dia
. ... -citar, ingga cicenld cadic,
W e Similiter oftédemus quod
.+ i pecin senphemm ergo extra cadit, vt AE. Dico
v fecundd , in locum inuer AE, & peripheriam CH
AincerieQum,aliam re@am noa cadere. Si potefks
 Cadat ,vtF A, ducatur§;ex Dipfi F A perpendx-
culamDG. Etcum angulis AG R re&usf:,
. |iger

.
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minorre@o D AG; ¢ erit A D maior quam D G: b prop;
eft aurem D A xqualisipfi D H; maiovergoeft D 32. 16
H, quam D G, minor maiore ; quod fierinequit . ¢ prop.
Nonergoin locum re&ta AE, & peripheria CH 19, 3+
A interceptum; aliare@a cadit. Dico tertioan~
gulum femicirculi re&ta A B, & peripheria CH A
contentum , omni-acuto re&ilineo maiorem efie;
reliquum verd petipheria € H Ay &reéta AEcon
tentum,minorem . Si gnim eft aliquis angulus ma-~ ‘
iorcontentere&a B A, & peripheria C H A; mi-
norvers contento peripheria CH A, & réda A
B, cadatinter peripheriam CH A, & refam AE
Linearefta, quz faciat angulum maioremredta®
A, & peripheria CH A contentum ( qui redis li-
ueisconuncatur ) minosem verd peripherig CH . .
A,& re®a A E contentum:at non cidic..Didn.ergo |
erit angulus acutus re&is lineis contentus,qui ma=
ier fitangulore@a B A 8 peripheria C H A cone
tento;ned; minor, C H A, & AE contento. - .

4t c T

. Cerollavium .
EX his manifeftum eft re@am, quardiametra .
ab extremitate ad angulos feQos duditur,cir
culum tangere.& g}&gm cirenlumin v}:dd!;;m:“ .
unéto tangere : fiquidem que circulo iniluobus 4

gun&is occgl_u'run; 5.8 intra :lirculum cadere often- :";’ “
fumeft. Qup ergo diametro , &c. quod oportuit
demonfrare.. A
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oo Propoﬁv; Prbbl z. :
,,zdato puntio rellath fincam ducm ) que 1
daqum circilym :aagat.
.t AL oy e
Sx.o punﬁum datum A, circulis' datus’ B C D‘
Oponeut autemh ex puniio A reGtam ducerc,
IPRITE Y © i qazcircylatii BC Dtap<
i ke, gart Aecipiatur centreiny
- citguli B, dicdterd; AE;
© ' &ecentro Ey iht‘cnmlfo B
<A deleribater dirchlhs
" RG & dx DHE&2E Ay
amaiﬂm rt&os ducardy
D F, mnganturquc EB F 3
A B. Dicodpm&d A’re.
&amA B du&am efle,que circiulim B C'D rangacd.
Cum enisa B céerum fit circhlofuni B @ D, A F &3
b def. berunttamE A,EF, quamED,EB :zqualcs duz
15- 1. ergo AE, E B duabus B B,ED xquales funt, ha-
c Prop bentque angulum E communex : ¢ erit igitur baf
. D RbafiABrqualis; &'tmn?ﬁ‘?umb EF,tn
gulaRB A uﬂ:brdfq’h(q yanguli rchqumeﬁ
wripfibD.-F gqualis B B A:at E D F re@us eft;eric
d Corol igitur'& E-BA te&us. EftveroEBexcentro :d
pr9p.18 quatiacemidiametro circuli ad reosducitur re@ta’
3. linea;gmgiccprculum + cangitiergo A B circulum .
A datoergo pun&o , &c. Quod oportiit demon.

ftrare. e

g ' Pro-
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- R N
AN ne RS AR

Propoﬁno 1 8 Theor.16.
§iciveulum tangat linea quadam recdas a cen-
.8ro autem ad tallum recla ducasur , erit

llia adtangentem pcrpmdmdam .

dam D E'eircu-
" lumAB C in

: cemrum F,atq;
ab F ad C du-
D C G E Y catur FCo Di-
. coFC@dDE
perpendrcularcm eITe Sx non:ducatur ab Fad D
E perpendicularis FG. Cum ergoangulus FGC
re&us (it ; aerit G C F acutus: b cumq; maiori an-
gulomauus Aatie fitbtendatur,exit inea FC maior,
ym F G, Eft vexé F Gy gqualis ipfi FB: mlqr
ergo F ﬁ,quam G mm r maiore,quod e
furdu!h ‘Hon ergo’F G 2d DE perpendiculizt &
Similiter eftendemut pr2tet FC nullam aliam : F
CergoadD B eft perpendicularis . Si ergo cirens
) fnmmgu,&c. Qu{d oportuit, dcmonﬁrare.

> Propof.t9. Theof 17, o,

Stn&a’hvmt circullim tan ir /c{taﬂu fan-
- gentivella quadem ad g%ﬂ&os ;n- -

—igatuy s evit willd centrdgmiciv
T)Angat circulun AB Cr Bin'C, & ex
Ciipli DE adladgulos teé‘bﬁ duuwr l()ZA.

ico

R

N

(ke

4 .

T i

FET
sl
.

a f"f

32. 1.

1g9. ¥
drf
‘.

~-

\
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Dico in C A effe centrum circuli. Sinen: fic, f§
fieri potcﬁ F, \nngaturq; C F.. Cum ¢rgo circu-
lum ABCrangat
- te®QaDE,&3 cé-
: troad taftumi du-
v Qafit FC) « erit
F C ad DE pere
pendicularis : an=
o FCE

i &XCE &us‘;

T . . zqualis egfo ¢

‘D 3 c E angulus PC E.an
gulo' & CEv-voie

.o muor. quod elt abfurdum :F ergo cent, cir
culi A B C nontft. Similiter oftendemus nullum
almdefle, prater idquadin A.G. Siergo m&z h?
mg,&c. Quod demonﬁmte bportuxt. N 0

S pl'OpO[ﬂOu Theor, 18.:. <.« -
L In u‘rmlo angulas ad tentrym duplis éj} una

Yhliad pmpblrm,qmzo eandem pt
P Tip mmpm, Im[i abcnt, RN
iy 7
Sto in cmekA
B Cangulus ad
. centrum BEC, ad pe-
. ripheriam B A €,fitq;
vtriufg; bafis perighc—
'ria B C. Dico angul@d
“BEC duplumeflean-
oo, guli B AC.Lada en
.AE producatur m}n
-~ Cum
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L JEIEN RN TE PRy BN ERPRT -
...+ . propof.23. Theor.dy. "
Super eadem rellalinea duse civculoram por-
tiones fishiles , & inaquales ad cafdems
;J? .--pnm‘imon conﬂcgumtur. ‘
NP =Y o Q1 Feriporefty cé-

ftituancur fuper

C
, % A cad@tedin ATH duz
Ca “ o Circulotsm:;pottic-
A8  nes frmiles|, & in®-

. cos il qualésad eafd  page
tes,A C B,A D B; dutaq; ACD i’angantnr.c B,
B D. .Cum ergo pottid A€ B :fmilis: Gephweioni &f.
A D B, « imiles.hwsem portiones zquixjes angu- :‘ :
los capiant, erunranguliA C B, A D:B,®quales ) b ','--z'
extergus & intexnus oppofitus, b quod ficvi dequit. -g” y
Nonergo fuper eaden , &c. Quod dpdstuit: de~ 1o 1,
monftrare. o R R :

'z

Propol. 24. Theor. 22. “
Super aqualibus vectis lincis finiles circulo-
Y vum portiones aquales [unts

LY .
.‘ :rJq;. 23 1 T
. E: 0.
i T JRE S S cd
P sem gt Db ang ity fes
Slnt fuper aqualibnare®is A.B, O’} Smiles it |
{

culorwm portiones A B B,C F- Bd Pico iui‘i
el
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.effe zquales. Congruente enim portione ARB
portioni C F D, pofitoq; A pun&o fuper C, & re-

E . F

e i IR G .

‘@1 A Biuper C D,congruet & Biph D, quod A B,
CDb gqm‘ﬁ fint. ,Cog:ugmentc autem rea AB
reéte C Djtengruet & portio” A E "B portioni C
B0, Quodfiréla quidem A B congruat re§z C
D; pornioverd AE B, porrioni CFD non con«
. gematyfed alid cadaryve C § D fecabitcirculus cir
"~ cabnninpluribus quam duobas locis vt in C,G,
4 prop. Dsa quod fieri nequit . Non ergo cengruente re-
‘1e. 3. &a &B re&z C D, non congeuet portio AE B,
b do'}, rdm’bni.C F D: Congructergo, badeog; 2qua-
r. lisillieric. Siergo fuper,&¢c. Quod oportkit des

monflrare. ,

onpof. 25, Probl;

Bata portionecivculi , defcribeve cirenlums
~ euius eSl portio,

aprop. S Ic duta cireuli portio A B C, oporteatque de-
10, 5. (Y fcribere circulum, cuius AB C fit portio, «
b prep. Bifecetur AC in D, & ex D b ducaturipfi AC ad
11.  angules re&os D B, inngaturg; A B Angulusiers
g0 A B Djangulo B A D aut eft maior,aut ¢qualis,
c prop, AW minor . Sit primo maior ; < conftitmaturg; ad
23. 1, Are@oA B angulus B A B gqualis aogulo AB B,
. produ-
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. CE:tresergo A B,E B,E C 2quales funt:f circulus
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producaturque DB-ad E, &iungawr EC. Cum
itaque angulus AB.E hczqualis anguto BAE, 4 4 orop.

8 6. 1.

B3 erit & EBxqualisipfi-AE &
cum A D equalis ficipfi DC,
fi communis DE addatur,
eruntdue AD, DE ,duabus
CD, DE zquales,alteraal-
;cré;: %:ngulus A DEﬂangu-
o E zqualis; eft enim
A D < vterque reé‘nqm jecrgo &ba- epros,
fisAEbaiCE zTulis eric. Sed ipfi AE demon- 4. 1.
ftrata eft B E'¢qualis; eritergo & B E 2qualis ipfi

ergo centro E, & interuallo vna ipfarum A E, EB, Eprep.
E C defcriptus, tranfibic etiam per reliqua portio, 93
nis pun&a,& circulus defcriptus erit. Cirenli ergo
portione data,defcriptus eft circulus,cuius eft por-
tio; & cum centrum extra portionenrcadat, mani=
feftum eft portionem minorem efle femicirenlo, - -
Similiter § A B D angulus, fuerit equalis angulo ©
B ADjgerit A D xqualis veriquie:B D, D C; ergo.g et /irm
tres DA,D B,D C xquales funt)& D centrum civ~ Sure,
culi, portioque femicirculus . Sivero angulus A exprop
B'D minor fueritangulo BAD, bcenftituatur ad 6 1+
Are&x B A angulus B A 6 equalisangulo ABD, hprop.
tadetque centrumiin D B lineam intra pertionem: 23 7.
ABC, & crit portio AB.C femigizeulo maior.
N _ G -~ Siergo
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Siergoducatur E C oftendetiir vt in prima figura

tres BE, E A, E C efle zquales.Data ergo portio-

ne circuli,defcriptus eft cireulus, cuius eft portio,
° quod opertuit facere,

Propof.16. Theor.23.
In aqudlibus civculis equales angali equalis
busperipberijs infiflunt , fiue ad centra
. finead peripberias infiflans.

' I.N. cireulis zqualibus A B C, DE F 2quales in-

& - fiffant anguli ad centra, BGE€,EH F; adpe.

ripherias B A C, E D F: Dieo geriphetizs BK C,
', e i b .

Slea Bl

o S
B e ENSFF

" ELF 2quales efle . Tunganwr B'C,BF. Bt quia
circuli 2quales funt,e erunt & qux ex centris gqua
2 def. les. Dua ergoB G, G C; duabusE H, H F 2qua-
I.3. les funt: fed & anguli G, H wqualesdunc: b crgo &
bprop. bafes B C, EF zqualeserant . Et quia anguli ad
4-1. A, D zquales ponuntur, ¢ erunt portiones B A C,
¢ df EDF uniles, & funt inxequalibusreisBC, EF,
11-3. d qug autem circdlorum portiones fimilés ih equa-
4" Jibus funt reis lineis, zquales frme: portiones er—
24-1- 26 BAC, EDF 2quilés funt : Sunt verd:& toti cir-
culi #quales; reliqua ergo peripheria B K C, reli.
., quz E L F zqualis eft.In ¢qualibus ergofic,Quod
demonfrare oporgwit, - . o

Propo-
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Propoficio®y. Theor.ag.
In equalibus circules. angili-guiequalibus in
fiftune poripheitjs.gquales {uatfiue adcen
trasfiue ad pevipherisas infiflont. -

l N equalibus girculis A BC;DEF mqnﬂlh#
peripherijs B C, BE infitare anguliad centra

EKC EN—TF

B G C;% H Fiad pefipherias BAC,EDF Dico
tam angulos BGC,EHF,quumBAC,EDF -
quales efle . Sienim BG C, E H F xqualesjuncya
pesfpicuum elt & B A C,E D Fequalesefle < Sind zg" f.
funt ; erig ynusmaior .Sic maior BG C 18&+ cons 'o N
Atituatur-ad puntom G re@tz BG angulusBGK £ {'
2qualis angulo E-H F: c anguli autem axquales s g};a},:
Aualibys peripherijs infftune, cum Tk ad dintuh: , o 3
paripheng ergo B Komqualis,eriiperiphersitsB B: - °
Sed X R F myualiset BL: prgd Riphi B T g . -
s grif BiKny miner nintori; qubd ferinosporetki qer
Nongrge anguli BG C, EHF snaqualesfunre ¢ -
zquales ergo. d Eftque angulusad Aasguli BGG)
Scangulus ad D anguli E H Edimidinsdebpnsers 47772
gofbaagnliad A , D xquales . In gqualibus ergo *© 3
<irculis,&c. Quod oportuit demonftraressi- =~ € 7

-7 G > Pro~



- Y00 LIBER I11.

Propofitio 28. Theor.2.
In aqualibus cirewlis aquales vele lines -
quales peeipherias auferunt, maiorem qui-
dems maiovi; minorem autem minori.

T
i

: S Frt in equilibuscireulis ABC,DE F 2qu-
4 les re@tg-B C, E F, auferentes peripherias ma

. L

- ‘D -
L
[N J.B : H F

iores B A C,E DF;ininoreé BG C,EHF.Dice

*. tam maiores peripherias, quim minores 2quales

, effe; Sumantur enim cireblorupw.centea K, L, &
ducancur K B, K C; EL, L'F; & 'Rt civcali 2qua-

a def, les; acrge & qux ex:centris 2quales etunt: igitnr
1. 3. dueB K, K € duabusE L, L F-xquales fusit; fod
bprep. &bafes B C,EF zquale funt: berunt erge & an-
81. puliBKC,ELF ﬂequaies': ¢ ¢qualesautem angu-
cprop. li xqualibus peripherijs infiftunt cumfietitic ad
26. 3 centra; ergo periphetic BGC, EHF 2quajes fant;
fed & toti eirculi funt xquales: relique ergo pe-

" tipheriz B A C,ED F zquales quoque erupt . S:

" ergo im2qualibas circulis, &c. Quod oporguic
demonftage. - . - . o o

Pro-



LIBER IIL 10% -
‘A P}Opof o2 §.- Theot.26.

In equalibus circalis &quales pevipherias -
quales veéla lines [ubtendunt, -

+ A Ccipiantur inzqualibus circulis ABC, DEF .
A xquales peripheriz, BGC, EHF, & du- fig. vi-
canturre@z B C, E F: Dico retas B C,FF zqua~ de pap,
les efle . Sumantur enitn circulorum centra K, L, #re¢.
& iungantur BK, K C; E L, L. F; Cum ergo peri-
pheriz BG C, EHF ®quales fint, acrunt & an- a prop,
guli,BKC, E L F zquales ; & cum circuli zquales 17. 3.
finc ; b erunt, & quz ex centris #quales: Du cr- b defl
goB K, K C,duabus EL, L F quales funt;con- 1. 3.
tinentq, zquales- angulos; ¢ ergo & bafes BC,EF ¢ prop,
xquales erunt . In equalibus ergo circnlis , &c. 4. 1.
Quad oportuit demenitrare . :

: Propol.30. Probl 4«
' Datam peripberiam bifariam fecare.
o ™ Seo data peripheris

% AD B, quambife-
/"m care oporteat ducatur
y | .. AB,abifeceturque in C; apre

C- > B &aibpméo C ducawr vm..?b
——r—=-"'ipfi ABadanpulosrc&os prope
CD,imganturq; AD, D B.Etquia A Cxquahs 4, 1.
eft C B,communis C D; eruncduz AC, CD, dua- rope
bus B C, CD aquales , k angulus A CD angulo , 4,

- B CD =zqualis, eft enim vterquere@us ; ceriter- g prope
go & bafis A D bafi D B zqualis; d 2quales auteim 29. 3¢
reQz xquales periplicrias auferunt, maicrem ma-

o 3 iori,

A
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iori, & minorem minori, eftq; vtraq; peripheria-
rum A D, D B miner femicireuld ; quate periphe-
ria A D zqualiseft periphgriz D B : data ergo pe-
ripheria bifecta eft. Quod op'or'tuit facere.

Propofitio 31. Theor. 27, \

 Inciveulo’ angulas 5 qui in' fenticirculo veélus

d,t'opl

5. 1

b prop.
32. 1.
¢ def.
10. 1.
dprop.
171

eft s qui i portione maiore mrinor ; qui in

. minore maior vecio-ofl.Infuper maioris por
tionis angulus maiorveiio ; minotis reéto
minor efi, o ‘

E Stocirculaus ABCD,didametrus B C,centrum
E, & wngantur BA,AC, A D, DC. Dico
angulum BAC i femicircu-

lo,reGumefle. ABC, qui
cft in portione maiore femi-
circulo,minorem; ADC,qui
eft in portione minore , ma-
iorem re@o . Ducawr A E,
producaturque B Ain F. Et
quis BE,E A ®quales funt,

© aerunt&anguiEABE B A
xquales. Rurfus, c’uh‘BA s
E-C xquales funt, erune & anguliA CE,C AE 2-

quales: totus ergo BA C duobis ABCA CB z-

‘qualis eft. b Eft veré-& F A C externus dusbus
AABC, ACB aqualis: squales ergo fist BA C,

F A C; ¢ evgo ce&us weerque. Quare anguhus BAC
infemtcirculo B AW refths eft 4 Etduiatrizngu~
li AB C duo anguli ABC, B-A: C ducbus re&is mi-
nores funt; B & C antem reduseft; btit A'B C miw
nor re&o ; & ot in portianer A B C maiori femi-

circulo,
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circulo. Rurfus g2 ABCPyjn circulo quadrilaterd’ e prop.
eft quadrilaterori auté in circulo deferiptori,qui aa. 3.

ex aduerfo anguli duobus reis gquales funt;erunt
A B C,AD C duobusre@is equales; & et ABC
minorreéto ;reliquus ergbr AD G mater; & eft

in partione minare femicirculo . Dico praterea

matoris portionis angulungcantentum pgriphe-
ria ABC,&re@a A C ma‘rxgrm\ efle rectg; mino-
ris ver portionis iperigheﬁaﬁ DC, &1 AC
contentam, minerem , Qyod per (2 appaFee Ciim
enfm angulus re@is B A, A C contentus reés fir,
erlt qui peripheria A B C, & re@a A C continetur

mator re&o . Et cum angulus reétis AC, AF con- |
tentus,retus fit;erit reGa AC,& peripheria ADC
cantentus,minor reéto. Alrer demonftratur BAC .

re&unm efle. Angulus' AEC duplos eft anguli BAE,
£ xqualis enim eft ducbus internis & oppofitis.
Eftvero & AEB duplos anguli E A C : anguliergo
AEB;AEC duplifune anguli BAC; at AEB,
AEC zquales funt duobus redtis: ergo BAC

re@us eft. ,
Covellarium .

. Ex his manifelum eft , fiin triangulo vnusan-
gulus duobus fic aqualis , cumr reGum efle,, quod
cuam,quisesl e+ deinceps,duobus re&is zqualis fit:
£ ¢4 auté anguli deinceps xquales fueting,redtisir.

. Progol. 32 Theor. 38.. o
Si cirenlum quedavrrelia tetigerit s &~ dta-
© B ducatsr reltagirenlum fecans serunt an

SErop- .
3% ke

f def.

10 1.

guli quos adtangentem facitsaqualesillisy

quiin alsernis circuli portionibus cofiftie.
o G & Tan-
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' T Angaccirculum AB CD re&aquzdam B F,

- in Byd quo ducawur alia B D fecans circuld.

= : Dice angulos ,

quos BD cum ti-

Jgentc facit,gqua-

es offc iilis , qui

funt in alternis

" arculi portioni-

‘ - bus: hoc eft ,an-

i ulum FBD =z-

E B F gu:dcm efle iHi,

qui eft in portione DA B: angulum verd EBD

itli; qui eft in portione D C B... « Ducatur enim ex

aprop. B 1pi EF adangulosre@osB A, & accipiatur in

11. 1. peripheria BD quoduis pun&um C, & ducantur

AD,D C, CB; & quia circulum tangit re&a qug-

b dam EF inB, & Ataftu B duQa eft tangents ad

Frop arignlos reGtos B A, beritin B'A centrum circuli:

9 1. cangulusergo AD B in femicirculo exiftens , re-

CETPe puselt: reliqui ergo B A D, ABD vnire&to gqua-

3143 jos.Sed & ABF reétus it , 2qualis ergo-angulis

BAD, ABD ; communis A B D auferatur: ergo re-

“liquus D B F erit zqualis reliquo B A Dinalterna

circuliportione exiftenti. Etquia ABCD quae

drilatesum eftin circulo deferi ptum, d erunt an-

dpreps ouli oppofiti duobus redis zquales: erunt ergo

2+ 3 anguli DB F, DBEgquales angulis BAD, B C D}

quorum B A D oftenfus eft ¢qualis D B F; erit er-

go &reliqus DBE, rcliguo DCBinalterna cir-

culi portione D E B exiftens zqualis. Siexgo cir-

cnlumreta qugdam , &c. Quod eportuitdemon-
ftrare.

 Pro-
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- Propof. 33. Probl. 5.
Super-datavella defcribere portionem circuli,
gue capiat angulum aqualem daso

- anguloreldilinio.

It data redta li-
nea A B, datus
angulus  re@ilineus
C, & oporteat fuper
-y AB portionem cir-
B culi deferibere » que
angulum xqualéan~
gulo C_capiat . An~
gulie. ergo C, aut
- acutus,aut reQus, aut
obtufuseft.Sit primo
agutys;vt in prima de
fciptione . a Confti-

B tuatur ad A pun&um
re&x A B angulus
BAD, zqualis an-
gulo C, qui acutus
evit. Exb A ducatur
AE ad angulos te-
m &os ipfi A D ; atque
*A B inF ¢ bifecetur.
Ex B d ducar FG
adangulosre&os ip~

E £ AB, ducaturd; BG.

Etquiz A F .tz ualiseR F B, cemibunis F G; erune

du¢ AF, F G,dusbus FB,F G zquales,znguluszue

AFG angulo GF B xqualisieeris ﬂg:\ 8& bahs o

aprop.

33 1

I 1.
c’,"’s
1

e X

dprep.

I1.3.

Frop.

afi gy
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A Gbsfi BGgqualis. circulus ergo centro G , in=

teruallo A G defcripsus tran(ibit etiam per B.De-

feribarur,& Gt A B Ejiungaturd;EB. * Cum itaque
fdiamerro AE ab extremitate A ad angulos re&tos

fir du&a A D, ftangetipfa cweulum { tumdue cit-

culum ABE re&a que
fprop. dam A D tangat,fitg;
cor.16., a taltu A in citculum
3. dudta refla AB; g erit
g prap. R angulus D A B equa=
23. 3. lis angulo AEB in

. o alterna fe@ione AE
Bexiftenti: fed DAB
eft gqualis angulo C:
igitur & angulus C
¢qualis erit AE B an-

gulo. Super data er~
g gorefta AB portio
circuli defcripta eft
capiensangulum AE
B.. ¢qualem ‘angulo
C.Sitrdm angulus C
reus, Gthk rurfus
B fuper AB powio cir-

culf “ca iens‘\ngu—
lutt reflo G qua-

R 7. lon defepibenda b,
hf‘"@’: ) ~— - E Frat afgulus B A
:;:‘a; D angulo C xqualis , vt in 2. defctiptione : i
1 ]

* ABFb ifecetur;& centroF, interuallo F Ajaut

FBdelcribatur AE B cirenlus Kk Tangitigitur re- .

&a A D circulum , quod angulus BA DireQusfitz:,

fed angulus B AD gqualiseft & angulo.C; & a;_u.- .
, gulo
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gulo/ABB in alterna fe&tione : eritigitur &'AEB, '} prep,
angulo C zqualls .« Defcripta ergo eft fuper AB 23.3.°
postio circult AEB capiens angulum AE B %qua-
lets angulc G. Sictertie angutns € obtufug.mpo-
natur erad Are@te A BequalisBAD, ytinter- m’p f
tia deferptione ;, » ducaturg; reéte A D'ad angu- n 3; .
los re@osre@a A E; & AB in Fs bifecetur, cuiex 1': f
F ad p angulos re@os ducatur FG,& iungawr GB. |~ "
Ciiitaq; AF »qualis fic FB,comunis FGseriit dug | !: f )
EG,AF, duabus FG,B F quales,& angulus AFG _  ~
angule BF G zqualis: qeritigitur & balis AG f{ f
bati B G xqualis. Circulus ergo centro G, inter- P;"P.
uallo G A defcriprus ttanfibic etiam per B, trai- o S
feat vt A E B.quiaergo-diametro AE ab extremi-_ . pro
tate A ad angulos re@osdudta eft A D,r tanget pofing
illa circulim 5 & cum A ta@u A incirewlumdu®a *, "’
fit AB, seritangulus B A D xqualis angulo AHB, rl""ﬁ
qui eft in alterna portione circuli A HB. Sedan- 323,
gulis B AD zqualis eft angulo C. erit ergo &-
angulus A H B in alterna portione xqualis angi-
lo €. fuper dara ergore@1 A B defcripraeft por-
tio circuli A H B capiéns angulum 2qualem an-
gulo C. quod oportur facere. .

LY :
. Propof. 32 Probl.&: . _
A datocivcnlo portionem aufcrve, qua capiat
-angnluns aqualem dato anguio riltilineo.

E Sto datus circulus ABC , datns angulus re&i-
lineus D. @porteat autem i circulo A BC
portionem auferre., qua capiatangulum , angulo
D qualem. Ducatir E F tangens circulum in B. a prop
a Conftituaturg; ad B re@x EF angulus FB C 13.1..
_ &qualis
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2quaks angulo D. Cum esgo circulum A B Ctan-
borep, B3 rc@REF, & d taflu B dudta it BC, b erit angus
prop- = - - lus FBC ¢qua-
33 S Al ¢ lisangulo BAC
' s ' in alterna por-
tione BAC c6-
ftitaeo: fedan-
\ %uLlXPBC quga
iseft anguloD:
oo E B F erit igitEr&BA
' C inalterna feétione eidé angulo Dzqualis. 3dato
ergo circwlo AB C ablata eft portio BAC capiens
angull 2qualé dato angulo D.g oportebat facere.
Propol. 35. Theer.29.

Siincivenlo dusrvella fe inuicem fecent , erit
‘veflangulum portionibus wnius contentum,

aquale portionibus alterius contento,
Eceng in circulo A B C D feinuicem duz re&2
AC,BDinE. Dicoreangulum AE, EC

contentum, 2«
D
A SE 54

qualeefle DB,
B €

EB céeéro. Si -
D igitr AC,BD
per cétrii trane
fedt,perfpicuil
< ceftca AE,EC: -
. DE,EBequales
| 3 C ot Et ABEC
cGtérd, aquale effe, DE,EB.contento. Quod fi per
centrum non tranfeant:accipiaeur. centrum F,ab
coque ad reftas AC, BB «.ducantur perpen-
#IPP Jiculares FG,FH,iunganturq; FB,FC,FE. Et quia .
""" re&a quadam GF per centrumdua, reftam qui-
. am
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dam A C non per centrum du&am ad angulos re-
&os fecat, & bbifariam illim fecabit: equales er- :
o funt AG,GC. Cum igitur re&a ACin Gequa- prope
ter,in E ipgqualiter feéta fit; cerit quod AE, EC 3. 3.
continetur reQangulum , cum quadrato quodex PP+
EG zqualequadrato quodex G C, fi commune, 5*
quod ex GF,addatur,erit quod AE, E C contine-
tur,eum illis,quz ex G E; GF quadratis, zquale il-
lis,quz ex € G, G F. d Sed illis, quazex CG,GF dprop
zquale eft,quod ex FC: illis verd,que ex GE,GF, 47. 1 ’
2quale eft,quod ex FE: ergo'quod AE,E C contie *'~ °
netur , cum eoquodex F E , mqualeeftei, quod ex
F C (2qualis autem eft F Cipfi FB ) ergoquod
AE,EC continetur , cum illo quodex EF , 2quale
eftei, quodex'F B . Ob eandem caufam erit quod
DE,EB continetur,cum illo quod ex F E 22quale ei
quod ex F B. oftenfum eft autem & id, qnod AE,
BC continetur,cum eo quod ox FE2qualeefle ei,
quodex FB: ergo quod A E, EC ¢ontinetur cum
sillo quod ex FE,zquale eft illi quod DE, EB, con-
-sinewur,cum illo quod ex FE quadraro;cosmthune,
‘quod ex-FE, auferatiir; & erivreliquum AE, EC
~contetitum, zquale reliquo D B, E-B contento : §i
‘ergo-in circulo, &c: quod oportuit dcmqqurax(‘q. ‘

’
oy " Pa

- +-Propof. 36. Thedr. 30,
“Siextrativeulum punidum fumatar 2 ab eof;
 dncirculum dus relde lineacadant » qua-
- yum onacirculum [ecet,altera tangas 4.
~* Elangulum tota fecante , & caparte , qua
~* . inter puNClum » & curuam pevipheriam
- -eftseris oquale sangentis quadrato,
U ) ' Extra
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- Xera circulum A B C fumaturquoduy pun—
v ($tum D.; abeoq;ad circulum cadane-dnze

Lt N
N Sty - IR P T eel Wl b

Loy r wehs 2d s Le A
re&e DCA, DB; quarum D, € A circulan fecet,
D B rangat. Di¢p geétangulom A D, C D copsen—
wm,zagusle efle quadrato,quodficex DB Lranfic
Lauten D C A per centrumant non.; Tran/aae,psi-
2 prop. ayo pen gentrum quod fic E - Ductuesgo EA; wegit
}1,’;;- 3}; azlguhwﬁ-&ﬂr‘f&nﬁ. .E‘zquia sed A(}7 bifecqeur
op . ing,eid; appohia effinsdi m OB deriqynd
6. 2. A]I{ ch cﬁl:xtinetur: cum :?:t,t(‘;uod ex E C zquale
ei,quod ex ED; et vero EG wqualis iph EB : ergo
2;10_4 AD, DC continetur ré@anghlum, cum gua-
ato quodex E B, xquale éft éi,quod X ED, 4oz~
dsato. ¢ Eft autem qiiod ex EP aquakeillis e ex

< prep. EReB D guadratis,quedd angulus E B P redus fic .
47.1. Ergoquod AD,D C ceptinetur , cum eo quyd ex
EB; Zquale eft 1llis, qux ex E B, B D; commune ,
quodex EB tollatitr. eritque qifod A DY, D'C con-
tinetur,oqale et quod:eg Tapée;D Beduadraro,
L7 Sed
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Sed fam D C'A non tranfeat per ceatrum , acci-
jaturq; centrum E, dab eoq; ad A C perpendicu-
ll>am's dﬁcatur?ﬁ,iunganturq; EB,EC, I-.;;); eerit d prep.
ergoangulus EBD reéus Et cum reétaquedam -
EEF per centrum duéta , re€am quandam A C non ;l;; P
per centrum dudtam fecet, fad reétos angulosil- ¢ r'a;’
lam,& bifartam fecabit; fum-ergo A F, F C zqua- Props
les .Et quare@a A Cbifecaturin Fyeid; in dire- 33
Gum addor CD , g evitquod A D, D C contine~
tur,cum illoquod ex FC, aquale ei quod ex F D'z § P¥oP-
Comemune,quod ex FE,addatur, & erit quod AD, 6-2-
BC continerur,cim illis queex FC, TE,equale .
illis,que ex FD, FE: 1llis aucem,que ex DF; FE, b h prop.
zqu:j: ¢ft,quodex DE (eftenimangmusEF D 4q. 1.
reétus: Y llig verd,quae ex CF,FE; zqualeeif,qhéd - -
ex CE.Esgogquod AD, D.C continetur.cnmille 7.
quod ex BC, gquale eft ci,quod ex E D, i cf autem - .
EC gqualis iph EB: Ergo quod A D, D € contine-id:fi1g
tur youmdllo.quod ex E B, ¢quale eftei, quod ex
D :eiauremiquiod ex &k E D requalia funt qug ex
EB,BD,cumangulés E B D ficre@®us : ergo quod
AD,DC continetorcum eo quod ey EB,equale el
illis,queiett EB, B Dy ‘Coanmmmune,quod ex EB tol-
lawe,& eritquod A D, DC continetur re¢tangu-
o, gqualequadraro ex eangentis D B. Siergo
extra titondum,&c Quod oporifitdanopiyate. - -
: S 3 i

- Propoty7. Thco‘?\{l: ,A
Si extra:civoulam pualwm famatur » abeoqs :
~incircalwm dugrefle radint ;quarnm dné -
circulum. fecet ; altera incidat ; fit'dytem
d tota fecantes & ea parie, qua inter
o ’\q‘u 3 [ ’ P 4 ponlum

k prop.

e o
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panElum & cursiamperipberiam oft > con-
tinctur vtllangulum 5 equale quadrato
quodfit ab incidente , tanget incidens cir-
culum.,

Vmatur extra circulum A B Cpin&um D, ab

eoque in circulum cadantduzre@g DCA,

DB; quarym DCA feces, D B incidateireulo . Sit

autem quod A D, D C continetur refangulum ,

quale quadrato quad fitex D B. Dico D B circu~

‘a prop, Jumtangere . « Ducatur enim DE circulum tan-
17.3. BEMS, fumprog; centro F, iunganwr FE, FB, F D,
bprop. b & eritangulus F E D reéus . Et quia D E tangic,
8.3. D C A fecat circulum; z eritquod AD,D C con-

¢ php, Finewr gquale ei quod cx D B 5 ponitur. autem &

36.5. quod A D, D Ccéntietur,
gquale i quod ex D Biergo
quod ex DB ¢quale eftei,
quod ex D B; equales funt

d def, ergo DE,D B;d funt verd &

15.1, FE, F B ¢quales : dug igitur
DE,EF,duabus DB,B F ¢-

= qualesfunt ; & bafis FD c6-

: munis;eangulusergo DEF

eprop. gqualis eft angulo DBF: eft
-1 autem DEF reQus; ergo &
DBF re@useft. Et BF fi pro

feor ducatur,eft diametrus, fque

propof. autem diametro ad angulos re@os ducitur ab ex~

16.3. tremitate, circulnm tangit.Idem demonftrabitur
pari modo ficentrum fitin A €, Si ergo extra cir=
eulum’; &¢, quod oportusc demonftrare- - -

"EVCLE-



- o g
E'VCLIDIS
ELEMTNTVM‘
"QVARTVM.
Dcﬁnitiohqs.’

feribi dicitur , cwm finguli infcripte
anguli,fingula ltera eivs, cui inferi-
bitur, tangunt.. - -~ - '

1 ==y Tgurs redilinea figurg, reQilidce in-
&]Eaﬁ

[ &

«. 3 Similiter figura figura circumfcribi dicitur ,
cum ifgula latera ciscumfcripez , fingulos angu-
los elus,cui circumferibitur, tangunt,” -
- g Figura re&tilinea cireulo inferibi dicitur ; ¢

finguli anguli infcripta tingunt periphesiamh cir~

culi. Isaprop, 2. srianguium A B C ;. [exta quadramum
AABCD cirenle injaelrjpmﬂ‘w'dﬂ.:- O T
4 - Figura rc&ilinea ‘circulo circumfcribi dici-
tur,cam fingula latera circum{eriptz cireuli perid
pheriag tangunt. lia prop.4. srianguinm ABC 5 084~
#8 quady asm. ABCD civewlo circumfcripsum cernis, . -
+ ¢ Circulus.fimiliter figurginferibi dicitur,eum
circuli peripheria fingula latera gitg 5 cuiiinfcribis
tur, tangit. fsa prop.4. circulums EFG mriangwie 4B G
o&t anacircwlum E F HK quadrasoy A B € D suferipmns
vides . . '

6, Circulus figurz circumfcribi dicitur,cum pe.

riphéria circuli fingulos angulos eits; co¥ ¢fPum-

fcribitur , cangit. Iea prop. 2.civculone ' A8 C sriangm.
Losfixsacrcmimm ABCD quadraso circumferiptis uades.
o L H 7 Re@a

ce

| A
.

PRETEY



114 LIBER IV
- 7 Re&a limea incircule aptari dicitur , e eins
wermini in circuli peripheia fueriat.

Propof. 1. Probl. 1.

Indato tirculgagigtq_nﬂaﬂ,.l.iuu 2 que diame-
170 cirenis maior non fit, aqualem ve-
aan_c lineam aptare.

;1o AB Cre&a
X - . xqualem,aptare « Dunig
— . .. diamertus crrenle 2

H D P I - : Rso B‘c L .»_ i

aprep. majoreft qu;m‘D . aFiatC1 uqlulls -
3. 1. cemro C, interuallo CE deferibatur eirculus E A
F, dacaturg; € A. Quia ergo C centrumeft eircue
H-AEF;sberit GAxqualisC B :fedipi D 2xquan
bdefo Jiseft € B :eric ergo & D xqualisipi A C. Date
15:1. eugo tirculo ABC, date red2 D non maiori cir=
i diametrojequalis CA aprata eft. Quod opors
. wut facere, AR L oia
oo . R - N
. Propof. 2. Probl.2,
.. Dasicirenlo tiangulnm dato triangulo
wquianguium infcribere, . ..

Sic
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It circaMk datus A BC, triangulim datum

_ S DEF; oporteatquecirculo ABC triafigulumy
sriangulo DEF xquiangulum inferibets . Ducatus

S a s A "

F R

G A Htangens circulum A B § in A; « conftitua~
wturquead Arc&z2G A H ) angul gqualis
angulo DEF,% G A B zgulis D BE ; dugathirque
BC.Quiaergo circulum A B C tangitre®2 G A

aprop.
23. 1

H,&3ta&udu@aeft A C, berit angulus HAG bprep.

zqualis anpulo A B C in alterna portione: fed
HAC ¢ft zqualis DEF angulo; erisergo X AB G
aqualis eidem DJE F. Eademratione erit 3ngulug
ACB angulo DFE xquilis, c reliquus ergo:B A-C
#qualis erit reliquo EDF. Eft ergo triangulum
ABC ttiangilo DEF zquianguluim, &.id{crpum

eft ciroulo A B C. Dato ergo circulo y &e. -Quod '

eportuitfacere,

-

Propof.3. Probl. 3.

32.3.

c.m’-

2. X,

1

Circa dasums civculum dato triangulo aquian. -

. gulus triangalum deferibere .

E Sco datus cireulus A B C, datum triangulum
DEF .oporteatque circa ABC circulum
‘H 2 trian-
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griadgulo DE P zquiangulum triangulom deferiy

bere . Produddiuir virinque EF in G & H , fun

fmaurrque cencrum K circuli A BC ;& ducatur re~

&2 K Byt libet; & 4 conftituaturad Kre&= K B
aprop. angul6 D E G z4uklis BK Ajangulover6 D F H
23.1. zqua.hm‘pfﬂ{mg;lfﬁ&r)\ » B, Cbducantur
b?"" : / 5
17 3. ; ! h

L "

PV ETE o :
) - tdngentes circulom LAM, MBN, NCL. Et quid
.+ LM; MN,NL:tanguntcirculum in A, B, C; &3
* centro K ad pumta A, B, € duGzfum K A,K B,
K C: ¢refti igitur.erunt anguliad A, B, C pun&a.
iMf Et.quix quadrilateri AMBK quatuor anguli ¢qua-
* 53 . JesTunt quatuor re@is ; * dividitur enim quadrila
tellioq. eFUDVAMKB i duo triangula KAM,KBM ;quo-
-r 5“_ rum.inguli K AM, KB M re®i funt; reliqui ergo
. i AKB,AMB duobus re&is zquales erunt : 4 Sunt
mea K vero & DJE G, DE F duebus rectis xquales : ergo
. AKB,AM Bangulizquales funcangulis DEG,
d prop. DEF. qugrum AKB,DEG ®quales cum fint;erung
13. 1, &reliqui AMB,DEF zquales. Parimodo de-
monfirabitur angulum LNM angulo D F E zqua-
Iem effe: reliquus ergo MLN reliquo E D F zqua-
Yis erits gquiangulum ergo eft triangulym LM N
eridngulo DRF ; & defcriptum eft cifca circulum
SR : ' ABC.



LIBER I:'vi 11y
:3 Ergo circa datum cxrculuxp > &e, Quod
opo it facete., RN o

Fropof itio 4 Probl
n dqtatﬁangula c:rc;duhz agfcrlb’m. ta

3t .;k

S It daie Sriangulum: Aan,m{q\\o Bpnmat
cizculum defcribere . abifecensur Anguli-A 2 prop,
BC,BCAre&is BD, C D, quz in D pun&ocon- 9. 1.
currant , b ducanthrquc exD adre&ss AB,BC, bprep.
CA Be'rpcndlcula\scs DE, DF, Dﬁﬁ%&: znguli 3. 1.
jfectus)

ABD,CBqu les nt (efteni
3 : -angulx verd Bﬁ%‘,g Dre-
'. 7 &, habebnnt duatrigngula
EBD QB’? i "ulos
duobushnguﬁs, ’ npm la-

tus vai lateri xqualc Gempe
ni iy commune BD, ]21‘1bcbunt
EFR ergo & reli ra reli- €prop.
. - quiis: zquamq?n?é HEDF 6. 1.
“ B € aquales erunt ob ,
24 " ircaufam DGL, DF zquiles
etunt. Crrculus c:gecentroD cerusflo vne'pii-
“&orim E, F, G deferiptus, tran&xt ctiam per alia
pnn&z;ﬁnodtque reQas AB, BC, Ci-quod angu-
JiadB,F, érc&xﬁm)swnmlpfu fecaret , cade-
m,zq\mm-mremm dnamaﬂg’ln;mlduﬁ- o -
*Gos dicitunintrd citculum ; s dquodeft sbfimdum.
Won btgo circnlus cetitfo D: imezzusllo vna-hae dprs
sum DE,DF,D@defcriptus fecatre@as A5, BC, 16. ;.
C A; etgoicad arigee s c(!que»cmnlqmnmngulo
ABC defcriptus.In dzto ergo ulangdo,&qq_od
aporcmtfaccre. ‘ c b
Cor o h awomist itinan §

1) e ¢ .'H 3 Pro~
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[ KR AT L,
Propofitio 5. Probl: 3.
Circa datuns syiangulum civeuluns defcribere.
ESto d;apux»n_"vt‘ri&nlum ABC, cisca quod

oporteat circulum defcribere . bifecentur
AB, A Cw D Eyatque 3 punis Ds B .ducantr

L

v - &l ABjA Cadangulosrefos DF,EF, qux cons

aprop

’t 1 O

Y
© cutrentaut in-¢sfang
A e«  C,autin re@a R C,
- triangulum, Coffey i
4 md intra trranguluth in

- } canwrq; BF,FC, FATE:
- -=4. «queia AD DB zquales funt,
o - .communis & ad angulgs ve-

* &os DY, «crunt & bafes
- FB zquales. Similiter demd-

Brabimus CF,AF zquales eflet quase K F B ,F C
zqualeserime, Tres ergo FA, EBF C 2quales

" funt. Circidus ergo centro F interuallp. vna ipfa~
- sum FA,FB, FC:deferiptus tranfibin & per reliqua

punéta , eritque airculus circa AB C criangulum
defcriptus .Concurrantiam D F,EF intaga B. C
in F,vt in fecunda dgfcriptione , ivngatrque A F.
Similiser demonftrabimus pun&um F ccntr;m cf-

. - ¢ Cire
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fe circuli circa criangulum A'B C defcripti . Cens
currastdemum DF, B F xtratriangulum ABC
in F yvtrertia habet deferiptio , & inngantur A F,
/FB, FC. Cumgque A D, D B aquales ﬁgn_t,:ommu-
nis,& ad angulos re&os D F, b erunt & bafes A F, ¢ oy
BF aquales. Smiliter demonRrabimus & CFiph 4 4,
P Axqialemefle : quart & BF axqualis dric ¥C.
Rurfus ergo circulus centeo F: intervallo vhahae - -
tum FAL,FB, FC deferiptustranGbit etiamiperre- . :;
ligua punéta,eftque citca ABQG triafigulum deferie
pom, Quodfacereoportuit,. - o

Corvliabimms -+
NI

Vade perfpicuum eft,quando centrum circuli
in triangulum cadis ,angulim BAC in maiore
portione femiciremdo exiftentem re@o minorem
effe. quarido verd centrum m B € cadit , in femi~
cirenlo exifientem, re@um : quando denique cen-
ctutn extra BC cadic, im minore portione femicir—
-tuo exiftentem , maiorehr re@to . Vnde quando
datus angulus mindreft se@o , intra 1dangulvin t

cadurit re@z DF,EF; quando re@ys ;i BCsqlan~
domaior re&oj ¢k G ; quod oportuit de-
moaftrare. A g

e S A\ ! ,ﬁ

""" bropafisiProbl. 3 - 1
"I daty civeulo pgﬂg,rum&dvﬂﬁbcre R

A Trim dato eirculo- ABICTF quadratum deferis K
" bendum. e ducantur drainetri AC, BD ad in- "2 prefl

“gulas. re&os yiunganmrque A8, BC,CD, DA, TI.1,
Cum ergo B E, BD Entxquales, quipre ex centro b prop.

fi ,communis & a‘lﬂ'ﬂkﬂ;ﬁl‘m BA _',.bzciikﬁ& A5Tes
s 4 afts . g

i
la -1



q20 L'I'BER IV,
bafis’A B bafi-A D 2qualis; Badem ratione -vitia~
quifipfarum BC,CD, vtrigs AB, AD eft zqualis .
<AV A s 0 Eftergoquadrilaterum A BC
 --.54 D zquiliterum. Dice quod &
13 eguiingulum . Cumre&a B D
D diamesrus ficcirculiABC D
. s TceritB AD.femici:i'culus.;; re-
c o i coe Qus: eft ergo angulus BAD,
3:‘.;. - & b eandem ca:%am qti- Libet
lorum ABG, BED, CDA refus el re&an-
gulum ergo eft quadrijaterum-ABCD. Oftenfum
eftautem & ®quilaterum; d quadratum e1go eft;&
d df. et circulo infcriptugy: Indatg ergo circulo , &e.
37-1. Quod oportuit facere. -

1 .'pfapdo‘7c_"'Pfl°b'l.’7; et

Circa datums civenliitis quadtasum d;@iiber_e
{© It circa datum circulum A B C D gquadtatam
deferibendum. Ducantur diametri AC,B.D-
. - -ad angulos reGos, & .per
$ & A T pun@a A,B,C,Ddocantur
- ™} 5. ctangentes circulum F.G
/ . GHHK KF. Camergo

B E— D FG tngac circulum ,. & 3
b J . centro B adtaGum A du&a

. ~fitEA; aermntanguliad A

W C I . re8iBadem de caufae erunt
aprop. -7 &anguliad B, €, Dre&i,
18.3- cumque anguli AERE B redti fins, b erunc G H,
bersr-aC parallele .. Exdem de caunficrunt. A C, FK
381 patallelx ; Similer demonfirabimys ;§u0d G F,
<o+ HK fintipfi BED patallelx-8uiitergs G K, G C,
cjrop. AK,FB, BK pm{khgw vnde zqualisef}
$4.1. . oM GF ipfr
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GFIpiHK; &GHipiFK.d& quia AC,BD d df,
xquales funt. Azque A C verique GH, FK; & BD 15.1.
virique G F, H K eft gqualis ; ergo viraque G H,
FK,verique GF,HK eft equalis Bt igitue FGHK
quadrilaterum 2quilacerum; dico quod& rectan..

ulam. Cum enim GBEA fit parallelogrammum, -

t;t};:angnluc AEBre@us,ecrit & AGB reus. $i- e prop.
militer demonftrabimus quodanguliad H3K, F 34.14
re&ifint; cftergo F G HK re&tangulum quadri-
laterum,oftenfum eft autem, & zqui%atcrum,f qua. £ defy
dratum ergo eft, & eft circa AB C D circulum de- 37.1,
feriptum:: ergo circa dasum , &eo. Quod oportuit '
facere. ' , o

-+ "Ptopof, 8. Probl.8. . - ;
~ tndeto qusdrato citcnluni defcribere.
™ It 1;\ ditoquadraco ABC D Cj;e ‘lps:dcfcri-
S beadus. « Bifecentur AB,AQnT,B;5a¢ per 2579,
A

»”

I

\ o E qui ducatuf alternegi 101,
k. D AB, ralteln E H: par b prop.
_ \ ©F.verd altereri AP,BC I

., ~parallela FESynpergo AK,

. K KB,AH,HD,AGGC, 5G,

. G D -patallcloggamma , ¢

A Y ideoque lateraioppofita 2+ ’"‘: :
B . H . € qulisiksquiaAD,ABe- 347

) e qualesfuppetins & femifles
carum: A B, A Fxquales: dquage &oppafica illis.d propa
FG,GE zquales eruot. Similiter. demapltyabimus 4¢3+’

weramq; GH, GK virique F G, G B zqualem effe.

Saag igigur guawor GE; G.E, G H,/GK xquales.

Circwius igigur, centre G , interualio vna harum
GE,G F;G H, GK'defcripaus,ceaniibis & plel_r ree
IS N : qua



122 LIBER IV.
liqua punéta: fed & tangitre®as AB,8C ,CD,

- DA,s}uod anguli ad B,F, H, K re@ifint . $ienim

cireutus iplas- A B, B C, € D, DA fecaretjcaderet
qtiz ab’ extremitare diametri ad dngalos te&os

. ducitur, in. cireulurh ; e quod eft ibfurdum 3 Non
, esgo circulus centro G , & interuailo #na haruiin

GE,GF,GH,GK deferiptus fecatreftas A B, BC,

- €D,DA: tangit ergo: & eft quadrato ABCD

infoeiptus . In daco ergo quadraro,8c,uod opor

“ it facere.. . -

2 &if.

37-.
b prep.
8.1. -

- Tropof, 9. Probl.o. -
Circa datum quadratume circulum defcribeve,

It circa datum quadrarum ABC D circulus
defcribendus: dud e reét¢ AC, BD fe in E fe-
7.\ cent.ktquiaD A,AB -
quales funt , A C commuy-
nis , eruntdnze D A,-A C,
duabus BA, A C.zqualess
"fed & bifes DC,BCan-
" quales funt:b erunt ergo’
& anguli DAC, BAC
. - aquales : angulus erge
DAB fe&ta AC bifecatur . Similiter demonftrabi-
mus quembbet horum ABC,BCD, CD Arettis
AC,DB bifecari .Excum anguli DA B,ABC

_=quales fine; fintque EAB, E B A corum dimidij,

cavyls

ieerunt & ipfi®quales: quare & latera EALE'B

®qualia erunt . Simil irer demonitrabimus vecam—
gre reGtarum E C, E D, virique EA, BB zqualem
efle . Quatuorerge EA,EB,EC,B D-eyrales
funt . Igitur ciroulus ¢entro E, intervallo vna haw
rum E A;EB deferiptus , tranfibic & perreliqua

‘ punfa,
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nfa, efigitueeirca ABCD quadrawm dee .
criptup o, Brgo rirca datum , &c, Quod oportuit
facere, . 3 )

R p—
. Propofitio 10.Propl. 16, ™
Triangubum- ifofcele conflitueres babeng
©wtrumque quiad bafimangulum
o duplamrelgui. o
F Xponatiir refta qua- 3 prope
w dam AB ,aqueinC 11.3.
ficfecetur,yt A B, BCcon= .
tentum &quale i qhadrato
"~ ex C A defchiprd Jgitur cen
. tro Ajintervallo A B defcree
. bacur ciroulus BDE,beig; b prop,
AN g - aptetur reGa: B'D 2qualis 1.4,
v« _.ipfi ACs & duttis DA, PC,
B v ¢ defcribatr civea triangu. SFPe
lum ACD circulus AC D.Et enm qugd AB,BC 3+ 4
continctur zquale firei, quod ex AC quadrato,
fitque A C-ipft B D 2qualis; erit & quod AB; B €
continetur 2quale ei,quod ex B D. Cum igieur ex
tra circylum A C B, acceppum, i pus@umi B, 2b
¢og; adcirculum A .CD cadanedunre@2 B.C A,
BD, quarum.yna circulum fecaz, altara i incidic,
fitqueguod A B, B.C ¢ontineus 2quale ei quod
ex BD, danget. BD circulym A C D; cumque dyrop.
B D :cizculumtA C.D cangat, dsa@uagesm D dus 37- #
Qa fit D C,eeric apgudus B D Cangula D A Cin S
alterna.cirenli ppstione conliftenti 2quatis. Cum 33 3¢
ergo anguli BDC, D 4 C fint zquales i commu~
nis CDWA addanir, egit cosus BDA duobus %‘1%

7
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£ prop. DAC 2gjualis: fTed dadbus € D-A, DA C Zqua-
3.1, liseftexternis BE D::ergo B D'A-aqualis erie
ipi BCD: fedipi BID A
sequalis eRCBD,cum & g
* latera AD;AB fidt 2qualia;
quare & DBA,BCD 2qua-
les'eriit:eresergo BDA,DB
ABCDfuntzequales:& cit
anguli BBC,BCD xquales
fint,erunt & latera BD,DC
‘zqualia;fed BY ipfi CA

ponitur zquales ergo
A.C, CDgequalia: vnde &

angiltC DA, DA C zquales frunt : grgo angtli
"CDA: DA C dupli funtangulf D A€:
’ BCHaqulis duobus CDA, PAC;Exgo BC
o duplus-oft iplus DA C: ErcullgvierquéxB:D A ,
-DBAangulo B:C D fit gqualis, cxitvee
.. reliquo'DAB. ‘I‘n‘;n‘gi?lum ergoifplc® % &e.
7 Quedoportuit facere, -

gdef.

If.1,

Propof. 1 r, Probl, yi. " "

Dati, circilo péntag snam. aquiladiuiss &

- ckquinmgnlam infcribere o T o

S Ttin datdeireufes A B C D'E péneagonum &=

) ‘qhilaretum & ‘equidgnlum déferibendam ;
Exponattir ‘triangalum ifofcelel duplim hibens
virum; abgulumad G, H , ¢itis qui eft 2dF; &-#

3% jneribatur efrculs A BCDEtrdangulim & C D
*4 2quiangulum trengulo F G H 7 ita ‘vt angalo F
: wqualis Gt angnlus'CAD;. ing’ﬁﬁrG’,‘i‘{[“ﬁn-‘
guli ACD, CDA . Et quis Verqic AC Dy
b prsp. CDA duplnseft anguli C A D, b bifecentur redtis
9.1. CE,DBjiunginturque A B, BC;C D, DE;EA.-
-t ) s, Cum

|
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Gum itaque vterqueangtilorum ACD, CPB A
duplus ficanguli CA D, bifedtique fintreétis CE,
. . : DB, erunc
R - .. quinquean-
, - guiDAC,
\ . ACEECD,
LCDB,BDA
—rzquales in=
" ter et ¢ Bt
If ~cum zqua- C’;‘"
"D les anguli 3
e L xqualib.pe-
ripherijs-infiftant, erunt'quinque peripheérie AB, .
BC,CD,DE,EA ®2quales: dfed xquales periphe- d pwo -
rizs zquales re@¢ fubrendunt; funtergo hz quin- 7-5' {1
que re&tz AB,BC, CD, DEghAwqualesseftergo *9'3:
pentagonum A'B C D E zquilaterum. Dico quod '
& zquiangulim . Quia AB,DE peripherix 2«
quales funt, fi communis B C D addatur,erunt to=
sz ABCD; E D C Baquales; & infiftit peripherig
ABCD angulus:A ED; peripheriz veroBCDE
angulus B A Ej'e funtergo A ED, B A Eanguli 2-¢ prop.
quales . Eademnde caufa, quilibetangulorum A B a9. 3
C, BCD, CDE vtrique AED, B A E zqualis erit :
eft ergo pemtagonum ABCDE =quiangulum ; de-
monftratm antem eft,quod & xquilateruny . Da-
to erge circulo,&¢c.Quod eportuit facere.

.. 'Propofe13. ProblL1z,’
Circadatum circulum pentagonum aquils-
. serwm &~ aquisngulnm deferibere.

' Porteat circa circulim A B CD E pentago-
O~ sum zquilaterim & zquiangulum defcri-

bere.
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bere. Cogitenturangulorum pentagoni inferipti
pun@a, A, B, C, Dy E ica (¢ peripherig, AB, BC,

' G CD,DB,EA zquales
aprop. - - " fint, « ducanturque per
L EE R B A,B,C,D,Ere&¢ GH,

, , M HK,KL,LM,MGtan
H \y " gentes trculym, & ace

cipiatur ceatrum ‘cir-
. -culi' F, iupganturque
FB,FK,FC,FL,FD.
X € 'L Cum itaque K L réQa
ST circulum in C tangae,
bprop. & 2b Fad conta@tvm Cdu@afic R C, beritipfa
in3. 24 KL perpendicalaris : vterque ergo angulus ad
eprp Cettre&us .Eandem ob caufam re@: funt anguli
41;: 1. 2dB.D; & cuin angulus FCK re&us fit,c evit quod
ex FK zqualeillis, queex FC,CK quadratis «
eadem de canfa,erunt qux ex FB, BKizqualia.illi,
quodex FK : funt ergo que ex ¥ C, CK xzqualia
* quia ill's,queex B F,BK; quoruin quod ex FC ¢qua=
FByFc ke *eft cisquad ex FB: erit igitur & veliquam quod
funs 2-ex CK equalereliquo , quod ex BK < funt ergo
gquales, BK , C K zquales. Ecquia F B, F C zquales funt,
quippe communis F X,eruncdue BF, F X duobus CF,
sxcen» FK zquales, & bafis B Xbali C X zqualis; d ere
roud go &angulus B F X gqualis erit angalo KFC: &
poriphe angulas BKF ,angulo F X C: eft-ergo-angulus
riaw, BF D duplus anguli XF C; & B K C_duplus an-
dpnf. gult FK C, Ob candem caufam eric & C F D du-
8.1, plusipfius"CFL: & €L D duplus ipfiss C &F,
e prop. Camgq; petipheriz B C, CD aquales lintye crunc
27-3- &aaguli BFC, CFD zquales, eftque B F C ipfius -
fprop K F C duplus,DFC wverd duplusipfius LE C: 2~
3. L quales ergo funt KEC, CFL«f due ergoxrianguix -

FsD,
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F K C, FL C dues angulop duobus habentija x-
quales abrerum alteris& latss vaum vy lateri F C
virique commutne ; habebunt & reliqua laterare- -
hiquis aqualia, dngulumdue reliquum reliquo.
Sunt agiwr tam reée K G, GL., quam anguli
FK C, FL C xquales, cumque X C zqualis fie
CL, dupla! erit X L ipfius X €. Eadem de caufa
dem nfirabitur H K dupla sphus B X ; & cum de-
monftratum fit BX zqualisK C, fitq; KL dupla , o
ipfius KC, & HK dupla:plusBK;gerit &HK §
ipli K L zqualis . Sipyliter demonfirabitor queli-
betipfarum GH,GM ML vtriqg; H X , K L ¢qua-
lts: ‘eft erge pentagonum GH K I M zquilate-
mm Dico quod & aquiangulom . Cum enim an-
guli FKC, F L C zquales fint, oftenfusque fit
HKL .duplusivhus F K C - & ipfius F L C duplus
K1 M;erit & HKLipfi KL M zqualis: Simili-
ter demonftrabitur quilibet ipford KHG, HGM,

GMLvtrique HK L , KL M 2qualis . Qunque
ergoanguliGHK,HKL, KLM ,LMG,MGH
fune zquales; xquiangulum ergo eft pentagonum.
O?ienfum aucem eft & zquilaterum , & eft defert-
ptumcirca circulum ABCDE. Quod oporte-
bat facere. : : 4

. ... Propof.13. Prebl.13,
Dato pentegono aquilaiere , & aquiangule
' civeulum infcribere.

O Porteat dato pemtagona zquilatero & e~ -
quiangulo A B C D E circulum. inferibere.

abifecetur vterq; angulorum B C D, C D E redtis

CF, DF, & i pun&o F, in quo CF, DF, concur~ 4 #7*8

runt ducantut re¢ FB, FA, FE. & quia BC,CD - *
, . xquales
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gquales funt , communis CF,ennt du2B C, C F
b prop Suabus D C, C F zquales, & angulus BCF angu-
P 1o D CF wqualis:bergo & bafis BF, bafi > F 2w
41 qualis erit,& eriangulsm B E Clriangulo D C F,
reliquiqy 2nguli'reliquis, quibus zqualia latera
. “a . fubtenduntur , 2qia-
o les exunt: Sunc igitar
M anguh CBF,CDF
7\ E #quales. Etcum an-
gulus CDE~duplus
ficanguli CDF; 2-
L quales autem& CD
_ E,ABC; & CDF,
CNR ] B CBF,erit & CBA
T K D duplus ipfits CBF:
- o zquales ergo funr A
BF, EBC: bifecatur érgo angulis ABC reéta BE:
. Smmiliter demonftratur quemliber angolorum
- BAE, AED refisF A, F E bifeeari. ¢ Ducaisur
CP*P. enimabFad A B, BC,CD,DE,E A 1¢Qa per-
13- L. pendiculares F G, F H, FK, F L, R M. Quizergo
anguli H CF, K € F xquales (unt; F H G reQus,
%qualis re@o F K C;erunt duo triangula FHC,
FK € duos angulos duebus zquales hahentia
voumque latus wnji, FE€ latus commune , & vni
dprop. zgualium angulorum fubtenfum , d habebunt er-
36.3x go'g religua latera reliquis 2qualia:funtergo
perpendiculares FH, F K zquales. pari modode-
monftratur qu¢libevharum F L, F M, F Q veriq;
FH, FK 2qualis. quing; ergo reéka G, FH,FK;
FL,F M ¢quales funt, cireulus ergo centro F;.in-
teruallo vna harum FG,FH; FK, FL, FM defcei.
tus , tranfibit & per reliqua pun&a , <angetq; re-

gtas AB,BC,CD, DE,; EA,e0 quod angaliad G,
H,x,

’
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H KL M re@ifise . Quadfiillasiohtangat,fed
fecetscader qua ab exeremitate diametriad angu~
los re@osducitut intra circulom > quod abfur-© [: -
dum efle oftenfum eft;non ergo circulus centro F, 1% "¢
interuallo F G,F H,F K,F L,EM defcri ptus fecat
re&as A-B,B C,C D,DE, E Ajsergotanget, dato
ergo pentagono. quod oporuit facere,

Propol. 14. Probl.14.
Circa datuim pentagonum equilaterum , &
- aquiangulum civculum deferibere . ;

A B

Porteat circa da-

J .tunpentagonum |
aquilaterum & equian-
glym~ABC D E cir-

culiym dt?‘c‘f{bere «a Bi- 3 prop.
fccekiu- vterq; angplo- 9° ¥+

rum BCD, CDE re-
c /© &is CF; EDy & ab F
N o D pun&oinguo reGg c6-
AP 19 '-.-.-\-'"cnrim‘t_ildf‘K;A”,E‘dno'zﬂ
trxe¥e F BB A,FE. SiniilliterBrgo, vt in prax

tédente , denfdrnftrabitur quendlibec adgilorum

" CBABABAED, redis BRI AyFiE bifecari.

Et quiz angnli B CD, C D'E kequilesfiint,eftd; E
€D dimidivs ipbus BC D& ¢ DiEdimidinsips ...

. A CDEserunt B CDh, FﬂCEzqnzl@k N Zlugﬂ,

Gclatera PG, F D xqualizierind L Sik(flicec ded 1’6}”‘ op,

monfiFabitur,quambbeiporicF B;FA FEjveris

livet F C,F D aqualem-ifle-. .Quinqueergo E A, R

EB,F C,F D,B:E zquales fonl {hdulus igitur cen ¥

tro F;ingetunilo vha hafum 'F-AgFrlli;{-? C,F D,g g T
> b . ; R
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defcriptus , tranfibic & per reliqua punia ; eritd;

circa pentagonum A BCDE. defcriptus .. Circa
- 'datum ergo,8&c. Quodfacereoportebat. . :

- Propof. 1. Probl.15. =
In duto civenlo bexaganum éqailaterums &
‘«quiangulum deferibere.

It 1n dato circulo
) ABC DEF he-
‘xagonuw gqitijacerum
& a2quiangulum deferi
bendum . . Duéta dia-

metro A D, fumatur
centrumtr(G; atque cen-

oD‘,li:gm;Ho‘-D
delcgibatur cireulus

G,C H; §dua=E@,

C\q prédudqneyr/ad

B,F, iiganturgyA B,
R o Heisse B DEE F.RA.
Pico ABC DEF hasagonum zquilaterum ; &

acluiauv.ulum efle. Cum enfim & geatrum fitcirs
culiABCDE, & erunt GE, G-D aquales. Et
cum D centrum.fit circuli EG C H, erunt & D E,

D G xquales .- SedGR oBenfa eft: zqualis ipi D

2ax.7, Gpaemt erg0i& .G Ezqualisipi E D:triangulum
. eopo EG D'zgnilarerum eft ,. & tresanguli cius E
< GG DED.EGaquiles, cuhifofeelium. trian
©*7 gulorum sngaliiadhafim xquales fint . -Ecquia
tres angeli trianguli dudbus reétis dgRales fune,

b prep. b erie angulus-E:G B €ereia pars duord reforum .
331 Siilicer dentonfxatur D G C tertis pars: effe

B . ‘uo-
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duorum re&orurh,& cum rea C G fuper E Beon’
fitens c angulos deinseps ,E G C, CG B duobus
sedlis zquales faciat; erit & reliquus C G B tertia
pats duorum re@orum , func igitur anguli  G.D,

'1'G C,C G Binuicem zquales ; d erung igitur & d prep,

. qui ad vertictm BG A, AGF,F GE 2quales, ¢ 12. 1.
#zquales autem anguli zqualibus peripherijs infi- ¢ prop.
ftunt:peripheri¢ ergo AB,BC,CD,DE,EF,FA 26. 3.
funt 2quales; fzqualibus autem peripheris equa. f prop:
les re€ta linex fubtenduntur: fex igitur re@a: 2~ 29. 3.
quales funt; ideoque hexagonum ABCDEF -
quilaterum eft . Dico quod & =zquianguium.
Cum enim peripheriz AF, E D zquales fint: fi
cemmunis A.B C D,addatur, exunt tota F ABC
D,ED C B A xquales: gSed pevipheri¢ FABEC g4ef.
D infiftic angulis F R D peripheriz werd ED C 9-3s
8 A,angulus A FE; funteigoanguli A FE;DEF
#quales. Similiter demonftrabuur, telfquos he.

- xagoniA B CDE Fangulos,virig; AFE, FED

" zqualesefle . Eft ergo hexagonum ABCDEF

aqnidngulumioftenium eft antem & ¢quilaterum;

&.eft in circulo-defcriptum . In dato ergo cirens

io,&c; Quod oportebat facere.  + .

€ prop,

13. 5

1 ) - R
R "?’Corondtl‘iﬂﬁ ¥ "-"i‘*!'%"".‘ s
e lanmmenaho st Cllenag 1
X his manifeftumeft Tawushexagoni gquale .= .- -
= effe i, qux ex centro.cixculi . Befi per pun- howit:
&a A,B,C,D, E, b tangentes circulum re@x du- 2" P
cantur, circa circnlumhexagonnm xquilaterum , 7" 3°
& xquiangulum deferiprunacfle, vt in illis quaz de
pentagono di&a funt videge licet. Praterea iuxta
illaquz de pemagono didafilncinxaco hexago-
ne circnlum defcsbemus . |, - ;
SISV 1. Pre.

’

r
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}Propof. ;3. AP}robvl. 16. -

- In dm ;?rtulo quindecagonums egnilaterum
S & equiangulum defcribere .

Porteat in

dato cireu,

lo ABC D quin-
decagonum 2qui-
.. laterum ; & xqui-
- angulum- defcri-
" bere . - Deferiba-
tur incireulo A B

e \ ' : CD,trianguli 2-
0 N DD e ouah
oft - e - Cyperitagoni equi
g an it S lateti AB: Qua-
4 w8 ' ¢« liom ergo tots
¢irculus partiumeeft quindecim , talivmief ABC
periphena, tertia circuli pars.exiftens , quinque ;
A B, quinta pars circuli exiftens, trium; parsergo
B C,duarum;qu fi in E « bifecetur, erit qualibet
- peripheriarum B Ey E‘{s decimaquinta pars
aprep. circuli . Siergo dutisre&is BE,E €,
30.3. =l- . eisequales in continvum-circulo .” | }
bprop, ... - Tpédtas vaptemus ; erit quine H
2,347 ~shudst e decagonum ®quilages. L, 4.l -
ot WYL o rum & SqUIARED. - Y i T

PR RS LA N SRS

P TIN f

T proar. . P v n3aw
cona o Quod fackre oportwit . ot sinus
‘ R L R PETY- YR

SRR EVCL].
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EVCLIDIS
i "-ELEM‘*EN‘TV'M}_

Q,VINTVM

Beﬁnmone:.

-

¥ = Axrs elt magmtudo maomtudmxs )
- minor m#idris , quando minor-me.
b [/ 1! titur matorem. ¥z 4 2. eff pars iphus

6.41 non ;p]iu: 7. qum 2. messsur 6. wonk

- “ndiitnr 7.

) Mnlnple’x eft maior minoris, quando minor
metitur ma:0rem . -Fs 6. e multiplex ipfusa. as 7.
ipfiss 3. malsiplex qonm ofd .. .Q-_m 3. mesitur 6. mon
stemq

3 ‘Proportio eft nduamm magmtudmum cruf-
dem generis mutua- quadam fecundum: quantita~
tem., habitudo. Propersic ergs efd suser ves cinfdem
generis v inser mameros s lineas o ﬁ:pﬂrﬁrm s eorpe-
N -9 e,

§ Propomonem inter fe habcrc dmmtur ma-
glutdmw, quée multiplicata poflunt fe innicem
fuperare:. ¥ mduliques inter angwlons consing ensic; €
reltilinentn quemsamque propeviiomam won effe .. Quia
bices priov in_infinscum mulupluﬂ»r » unquams samen .
;.P.um poiterivrem i i -

‘¢ -Ineadem proportione dicuntur cﬂ?eniagnz~
wdmes,ynma ad {ecuridam & zertmnd:quatum,
qusado eque mulviplices , prime & tertie , 2qué
suldplices,fecundz, & quarta,,fecundum qmtu-;

- gy 3 ] "1
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wis multipljcacionem,vtu?; ab wtraque,vel zqué
deficiunt,vel ¢qué gquales funt,vel gqud fuperant,
fi ordine fumantur . #¢ f§ horsm quaswer nunserorsm
8.6. 4.3 . primi , & rereif accipiancwr eque mmlsiplices
16.0 § [ecundiy & quarsi 18.¢r 9 & collocensar e
ardine, qur mumeris guorum funs mubtiplices 5 hac mimi,
vum 16.18 8.9. fi iam printus nfinor fis fecundoy evit &
tevshus guarso minor;d» fi maior,maior,fi equelis,eque
lis , fi inquam hoc [emper contingar diceninr qreasmer
magnitudines in eadem effe proporsione. .

.6 Magnitudines quz eandem. proportionem
habent,proportionales wocantur . 7s 4 & 2.itew
6 & 3. cum habeans eandam proporsionems  nermpe dn.

Jlamsdicunsur propersionales. :

7 Quando zqué multiplicium multiplex pri
mz fuperat mylaplicem {ecundg; at multiplexter
ti¢ non fuperat multiplicem quart ; prima ad fe-
gundam dicizur habere maiorem proportionem
quam tertia ad quartam,

8. Analogia eft proportionum fimilitudo ..

.. 9-Amalogia in tribus ' minimis terminis confl,
fit . Zsinbisnumeris 4.6.9.v¢ enim i} primms ad fe-
cundin ,isa fecumdus ad sersinm. - ..

10 Cum fuerint tres magnitudines proportio.
nales, prima ad vertiam duplicatd propertionem
habere dicitur eius,quam habet ad fecundaom.. . #s
cnm fisevins propersionales bisres memeri 2..4.8.evis pre-
portivquans irabec 3. ad 8. duglicasa cius s quem he-
bes ad 4. - . . e e

t1 Cumn fuerint quatuor magnitudines propor
tionales prima ad.quartamnipld proportionem
babcwdifcciw: eius,qmmpl habet ad fecundam . Bt
deinceps femperwna amplius quoad viqae propor

. ehoextiterit.. A ﬁ:ﬁmpnp:mlcb;;umr .-

meri
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meri $.4.8.15 evis proporsio qmambiabes 5. ad 18, sk
pln cins.quan habes ad 4. R Tt A

- 32 Homologz , fen fimilis rationis: magniru.
dines dicuntur efle, antecedentes antecedencibus,
confequentes confequentibus . .-, ‘

13 Permmtataratio ,eft fimptioantecedentis

ad-antecedentem:; & confequentis id confequen~
tem. Demonfirasirprop, 16. in quicom ofi v A ad B,
58 C £d Dyeft quog; permssando,vt A &d C;ita B ad D.
- 14 Conuerfaritio ; eft fumptio confeqientis
vt anrécedentisad antecedentem,vt ad e6fequen.
teme, PVidecor, prop. g . S
15 -Compofitio rationis eft fumptio antecee
dentis vnd cum confequente;vt vaxad confequest
sem . Demonfivatur prop. 18suquacom eftve A B ag
& Diita CF adF Ds off quogie-vid Bsd'F Disa C D
@dFED. i oL e

16 Diuifio rationiseft fumptio exceflis, quo
antecedens fuperat confequentem,ad confequen-
tem : Demenfirasse prop. 1. inguacumefi y vs AB
aa BE;isa € D ad D Eyeil quaguevs AE ad & Bise
CFadFD. v

17 Conuerfio ratienis eft. fumptio anteceden, -
¥is ad exceflum quo antecedens confequenten fu.

ergt.. Demovnflratwr prop.1g9. in qua cwm eff vs A 8
«dC'D,iia A EadCF erit quogne £ B ad F D; s off
ABcd 6D, A :

18 Ex zqualiratie eft cum plures fuerint ma-
gm‘-tu&hec:k alre ipfis numere xquales, quz bi-
noe j& ineaduns racione fumantar ;. fueritq; ve in
piinlis mugnitidinibus primaad vhimam ; jra in
fecundis prima ad viimamny AVel eft fumprio ex~

" trenvarim- pex fubtra&isnem mediarum . - Demawe
Mo 23 in quacum of vs Miad Byisa D adif 2 1o
oo \ I 4 B ‘d



136 LIBER V.
BadCyita E ad Fievitex aqualiyve AadLsita B ad F..

19 Ordinata proportioeft , cum- fuerit vean.
tecedens ad conf=quentem,ita atecedens ad con
fequentem ; veautem confequens ad aliam quam-
piam,ita confequens ad aliam quampiam . impre.
P20, @ 23, inprimis magnitndinibus antecedens cfl
Ayconfequens-Byalia quepiam C,in fecundis ansecedens
€1 D, confequens Ey wlia guepism F.. . .

20 Perturbara proportio eft, quando tribus
exiftentibus maguitudinibus; 8 alijs ipis numero
aqualibus fuerit vt in primis magnitndinibus an-
tecedens ad confequentem;ita in fecundis antece-
densad confequentem. Vtautem in primis con-
fequens ad aliany quampiam: ita in fecundis alia
quzpiam ad antecedentem. Prinyi. &-23. prop.
in primis sribus magnisndinibus ansecedens e} A confe-
quens B,'alia quapiam C. In fecsmdis anzecedens ot E,
confequens F, alia quapiam D, . )

~“Propol.x.Theor, t

Si faevint quotcunq; magnitudines quotcung;
- maguitudinum; equalinm vumero, fingu-
1a fingularum aquémultiplices,quotuplex
¢5? yua magnitudo wnins totuplices funs

omnes omsninm, -

S Int quotcumqy. magnitudines'A B,C D,quet-
J - cumque magpitudinum E,F agualinm nume.
10, fingulz fingularum xque multiplices. Dico
quam multiplex eft/A B ipfius E,. tam multiplices
efic A B,C D fimul,ipfarum E,F fmul, Cum-enim
quam multiplex ek A B ipfius By sam multiplex ge

: CDh
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.C D ipfius F; erunt in C B tot magnitudines ==
qualesiphi E3.quot funtin A B gquales iphi .. Di-

uidatur A B in magnitu-
' dines A G, G B zquales
_q iphE; (2 CD in CH,

H D xquales ipfi F;erit-
que multitudo ipfirum

piy

P A G,G Bequalis multi-
. H tudini ipfarum CH, B
,I ‘ D: cumque A GipE,&

: ] . C H =quale fir 1pk IF;'

: erunt A G,C H zquales

B E D F ipfisk,F.badem de caus

: fa erunt G B, H D'ipfis

E,F 2quales: quotergo in A B funt magunitudines

sequales ipfiE, totfunt in A B; € Dr.equales ipfis

'E, F. Quare quam multiplex eft A B- iplius E, tam

multiplices funt AB, C D ipfarum B, F. Siergo

fuerint,&c.  Quod oportuit demronfirare; -
Propol. 3. Theor.2.

Si primsa fecund equé multiplex fuerit 5 as«

quetertivquarsa  fuerit astem & qusnta

- fecunde aquimultiplex,atd; fexra quar~

" t@; evit & compofitacex prima-& quinta

aqué multiplex fecande > atque‘tertia &
fexta, quartes -

ESto prima A B fecundz C 2zqué muliplex ,

K atq;tertia D E.quartz F: it verd & quinta

B G fecundz C mqué multiples,asque fexta EEH

quars®.F. Pico & compofisaryex prima- & quin-

.- ' ta



138 - EILBER V. -
ta AG fecunde C; equd multiplicem efle , atqure
efttertia & fexta D H,quartz F, Cum enim quam
- Lo multiplex eft' A B ipfius C,
. A tam mulgiplex fit D Eip-
% : D “o fius F,ertﬁin D Etet ma-
o “.ge 7 gnitudineg zqualestipfiF,
' w L 1 .quot funtiin AB aguales
Bl i E 5 ipfiC. Exdemque de cau.
el O - {a quot funt in B Gequn.
. . W lesiphiCytoteruntif E H
X i I I zquales ipfi F: quogergo

' ‘. ~funtin tota A G =quales
3 vy - ipfi C; tot-funt-in cota D
& Q- H F l-}; zquales ipfi F. Quam
>0+ 0 multiplex eft ezgo A Grip-
.fius C, tam multiplex eft D Hipfius 'F. Ergo AG
compofita ex prima , & quinta fécundz C xqué
muliplex eft , atq;. tertia & fexta'D-H quarte F,
Siergo prima fecnndzy &c: Quod' oportuit de-

monflrare .

A ISR T S ST
s« Piegal3. Theor.3, -
 sSigrime feewndd aqué fucvit multiplex, atq:
tertjiaguarta;fumantur-autem aqué mul.
 tiplices primay & tevssa; erit ex aquali
iy fumptatum VIEag; ¥itin/ig aqud multi-
plex » altera quidem [ccupde ; aitera au-
tem quarie.

- ‘..,' R i . . _‘ PR . N . X
g Stepfinm A fécunda B ¥que maltiplex , at-
HILL, - que reswia.C quareg D& aceipiantaripfa-
-tum A,C 2qué muktiplices £ F, G H. Dice ¢
. mulgie
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multiplicem efle EF ipfs B, atque eft G H ipfus
D. Cum enim gque multlplex ficE Fipfius A, at-

que eft GH prus C:
: continebuntur in G
. H H ot magnitudines
f _ - gquales ipfi C, quot
‘ inEF gquales iph A.
: Diuidatur EF in ma

‘ gnitudinesEK, K F,
K Lt - gquales ipfiA; &G

inGL,L Hgqua
} ESJS'C Elgjll-
PITIT

tem multicudo 1pfa-
: mEX,KF cc}uahs
. tudini jpfarum
E‘ABGCD 20‘?{}!" Pttpua
eque ~ mulriplext eft
A npfus B,vt C ipfius D,cﬂque EKipfiA; &GL
ipfi C gqualis,erit & E K ¢qué’multiplex pr'us B,
vt G L ipfiusD. Eadem de caifa gqué muluplex
eft X Fipfius B, ve L H ipfius 2 Cum igigur r1~
ma E K (ecundg B- cqué muleip fit, vt
L quartg Dsfitverd & quinta K chcundg‘g ¢qué
multiplex, vt eftfexta L H quarte Djaeric & mm
pofita ex prima & qumta EFfq cundc Bequé ul *
tiplex'; atque eft tertia cum fexza G H quart¢ D.

;,s,.

Siergo prima fecunda' &e, ’bnod oportuit des -

monﬁrarc

A Propof . 4o Theo;'.4. N

. iprimatd feeuedang eandess. babueris pro-

{t ortionem , guasms. textin.ad quarans ; bae
but.é' aquemnls :’l:myrma & m.
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tie ad equemnlsiplices [ecunda & quar~
__ 84> fecundum quamuis multiplicationems s
~ eandem proportionens > fi 5 vt interfeve~
" [pondent,[umpta fucrint. . - .
. Abeat prima A ad fecundam B eandend pro.
portionem, quam tertia C ad quartam D.
- Etaccipiitur ipfarum A,
C zque multiplices E, F;
ipfarum verd B, D quae-
eunque aliz =que multi-
plices G, H. Dico wreit
Ead G, ita offc Fad H.
Accipiantur enim ipfa-
rum B,F aqueé multiplices
K, L; ipfarum verd G, H
" -2que mulaplices M; N.
4. . Btquia ita multiplex eft
- = Eipfius- A, vt F.ipfius C:
2" acceptaqué funr iplarum
... » By F 2que nmultiplices K,
" L; airz ergo multiplex
2§ eftK ipfius -8, ve L ipfius
-4 2 1 C.Eadem de caufa ica mul
i tiplexel M ipfius B,ve N
“ipfius D. Etquia eft ve A
ad B;ia Cad D,accepre-
que funt ipfarum A, C 2=
. w-owYv quie faltiplices K, Lj ip—
bdef. farumverd B, Daliz quecunque M, N: bergo @
5.5 XK fuperatM,fuperabic & L ipfam N; & fi gqualis,
agualeifiminor minor; funtqué K; L ipfarum B,
Faxque mulciplices 3 M.vero & N funsiplatom G
e ‘ Hzque
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Hzque multiplices: c efurgo,vt E ad G;iea Fad
H. Siergo prima ad fecundam, &c. Quoed opor.
tuic demonlirare. o

Leoma.

\idhjam den;onﬁi'amm eft, fiK fuperect M,

foperare & Lipfum R & fi fic 2qualis, efle

. &qualem; i minor , minorem . Conttable

etiam, i M,fuperet K, fuperare & N ipfum L, & fi

ft 2qualis,efle zqualem;i minor; minorem, atq;
idcirco esic vt Gad By ita Had F. =

Corollarinus.
X hoc nian;feﬂqm elt , fi quatuor magmitus
dines fuerint proportionales, & conuerfiny

propertionales efle . Hoceft fi el vidadB; isa €
ad Dicffe qguogue K ad A, vs D ad C, :

v -Propofe’s. Theor.s.. "¢

Simagnitudo magnitudinis' aque mwltiplex
" fiieriey atq; ablera ablate’; ¢ rebqua’
* Yeliqua zque mulipléx ervis: - °
"atque tota totins . Y

It-magnitudo A B magnitudinis C D Aque
-3: multiplex , atque eftabkata A Bablatz C'F.
Dico.& reliquam E B, reliqua F D zque nwleis
plicem efle,veeft cota AB rotiusCk Quotuplex
enim eft'A E iphusC E, toruplex fac B B ipfius-C.

G Bt qiia zque multiplexielt A Ei1pfius C F, at-

c def,
’n 5o

If'"p'

que E Bipfius € 6,8 erit AR equemnltiplex CR '+5°

Bad . ates
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, atq; A B ipfius G F; ponitur autem A E ¢que :souks: -

_tiplex ipfius C F,acrq;elt A B ipfius CD:2qs multi

plex etgo multiplex eft A Bytrinfq;G F,C D:b 2=

b Colli- quales ergo siit G F,CD;Cémunis C F auferatur,

Qiwr X & ericreliqua G C reliquz D F -
a«@.7- A qualis. Bt cum zque mulciplex fie
- .A Eipfius CF,atq; EB iplus G C,

-t

. eflque G C zqualis DF. 2zqueergo
C- aultiplex eft A Eipfius CF, atque
E Bipus F D, ponitur autem & A
'F  Eiphus CF zque multiplex,vc A B
Sy ipfius C D:: zque ergo multiplex B
B D Bipfius F D; atque A B ipfius CD;
ergoseliqua’E B,reliquz F D wque
multiplex eft, atque efttota A B totius CD. Si
ergo maguitndo , &c. Quod oparwit demgn.
fraxe, . e
IR AR

P:opofivie 6. Theor. 4. -

Siduse magnitudines dugram magnitudinum

;- dquémulsiplices fyerint, &r.ablaia qua -
dapy fint caj iddom ¢ qué multiplices, eruns
veligue eifdem ans equales» aus ague
multiplices.. ., .- .

Ingduz magnitudipes & B, CD duarmm maqy
- guitwdinuih E;Fdegire multip!ices , avferafi-

, turq; A G;C Hearundem E,F mque miloplices .
Dico reliquas G B,H D ipfis B;F,aut gqualesiefle,
avezque huleiplices . Sivprimo G B B xqua-:,

" lis. Dico & HD iphi-F. 2qualem_cfle. Ponarue
fph F 2qualis C.Xy LCum igisuc 4 G wqqcmﬂ}u, .

e plex

i
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plex fitiplus B, aye G Heiplus F; fit vers GB
L - =qualis ipG £,8& CK ip§i F; aprop,
C & 2que multiplex erit AB I8,
- AK.. . ipfus E,atque K Hipfius F.
1 ., Ponitir autem ¢que mult-
) ~!-C DR ~plex A Bipfius E, atque eft
$ . +CDiphus Freque ergo mul
.- . : ~tiplex-eft KH ipfiss F, at-
G/ H I - que C D eiufdem*F. Cum’
Lo-m % b ergo viraque K H, C D jp.
B DEER fius F gque fic mulriplex, & b Colli-
coovr e equaliserie X H iph C D. gisur ex
LK i . Communis C H auferatur , ax, 6. .
cirooa&erunt relique KC, HD
v gauales . Hed X @ gqllalis
oy o eltFergo, & HDcidem F
, zqualiserit. ‘Bt ergo G B
st equalisspGEu& H D ipfi
viognh oo Fo Similiter demonftrabi-
ere mmws i 6B ipliusE fueric
o 4 oo mukiplexs, erue muleiplia
Tk g ~ cem effo Ho D ipfivs F. Si
4] [ “'I""" » RIgO’ .t:;g magnit;dines .
.l ued oportuit demon-
BDEFR et oper

ftrare.

. Propafz.Theor.7. . . .
ALquales.ad eandem,candem babent proper- .
sionems » G eadems ad squales,

Int magnitudinés A,B g‘qual'es','&':il’ia qugcun
que C. Dico vtramque A, B eandem pro-
portionem habere2d €; & C eandemad- ea}fiierg
: B,



.
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A,B. Accipiantur ipfatuny A, Bgquémultiplices
D,E;& alia F ipfins C,vtcunque multiplex . Cum
A igiwr zque multiplex fit
Dipfius A,& E ipfias B;fie

e toe
aColli.- o verd A zqualis B, « éris &
giturex” . Dequalis E; eftque alia F
s. ; I vt wieunque multiplex: ipfius
DA Co 0 CSiergoDmaioreit ip,
- {2 F; erit &E eadem F ma

ior,& fi gqualis,equalis; &

o E . < 'midoryminor ; funtq; B,E
T S ipfarum A, B ¢qué multi-
big . 1 II ,.:r:.i.f:'phees » & ipfius € aliaF

5.5

edef.
5-5-

wxtcunque moltiplex : efth
EBCF. - ergo \?tA ad Cl; ita B ad
L. CAico & Cad virameque
A,B eandenthabere proportionem . Iifdem enim
conitiuis oftédemus D equalem efle E; & aliam
quandam B’ Siecgo’¥ maiér.-eft D; erit & maior
quam E;& fi gqualis,equalis; i minor, minbr; eft-
que F ipfius C murdciplex;salie veré D, E vicunque
multiplicegipfaruniA,B: ceftergo vt iC adA it
Cad B. S1 ¢rgo gquales ad cmdén s&ci Quod
oportuit demromitrare . .:; .

Propofitio 8. Theor.8.
Ingqualium magnitudinuns s 2ior «d ean-
- demmajorembabes proportionews , qwam
minor ; Et eadem ad mivorohs madiorem
hibet,quam ad maiorens . '
S Int ingquales magnitudines A B, C;. ﬁto.:‘ue A

. B matorquant C; fit & alix D qugcunque-.,
o Dico
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-Digerh B ad D maierem habere propirtionent,
iquam Cad D; & Dad Cmaigrem,quamad A B. .
Gum enim A B maior fic, tla.m C; ponaturipf
R SR -C zqualis BE. Icaque mor
{2 o iplarum AE,EB amulapli- g1
.. - ceur,donec malor fiat quam P
. ... D.Sitprimd AE minor quam
v A ~ EB; & multiphcewr AE,"
« o] - . donec maior fiar quam D, -
1B I -quz fit FG, Efqam n.ultis

. ;plelxeﬁl/ E? iplius AE , tam -
s v s 5 o> - multiglex fiatG H iphus E B,
KHBC &k gﬁﬁus C. Sumf:urLip-
1. . 5 fusBrdupla ;M trpla, &ita i
: Loy o o -deipoapsivna plus quoad fum
S sgges O oLpta mulsiplex ipfiusD, fiae
Y. o - primdmalor qupmK , fume "
T3 . prafic Nquadrupla ipfius D, "
: - & prio maior quam K, Ca
I ergo K printd miner fit qui

A O N, non ¢rit K minor qiiam |

- NMLDM,an uce"que*mulgplex i’ R
it FGipfius AE, & GH i{paus EB; berit-FG. .
aque multiplex ipfius AE,-& F H ipfius AB,'1*5
xque autem miultiplex eft FG ipfius AE,& K~
iphus C, ¢’ xque ergo mulriplex eft-F H ipfius C &%, ¢,
AB, & K ipfius Cz{unvergo EH, & K zquequul- ~
tiplices _ip?mmlk l?,- C. Ruéfusrmné G{' ipfius .
EB @que fit multiplex , vi K ipfius C; itque EB :
ipfi qu qualis : d etit & G H jipfi K mqua(}is At dcolli
K non eftminor M : ergo necG H minor eric M: £

_ mdior autem eft FC qua D tota erga F Hvtraqy 4%
D, M maior eft. Sed veraq; Dy M zqualiseftiph ** .
N, cum M ipfius D fissviplay veraque autem My

. K K Dipius

.



B 1pbus D quadrupla; eftvero & N'iplius D qus-

c dif. drvpla: ergo veragy M, D zquales funtipfi N : fel
5. FH 1pfis M, Dmaior eft. £ Ergo F H fu:perat N,
15 & K non tuperat N, Quia ergo F H, & K funt =
. qeemukiplices ipfarum A B, C, AcNiplus D

f a8 yreunq; mmleiplex eft,f habebit A Bad D maioré
S %2 propornonens quam Cad D . Dico contra Dad
o ®C maorem habere, quam ad A B. ij{dem enim
Lwced comrodis, fmilicer demonfirabimus N fupers-
=5 433 K , & non fiperare F H . Eteniim N mulupler
DB o ypins D : iptarim vero A B, C vtcunque miul-

: "'::.npbasﬁ:ﬁi, K.tabet ergo D 2d C matorem
b F propottionem, guam ad AB,
e ‘ Siviam A E maior quam EB,
freme I & minoe EB muluplicatdba
- A maior quim D, qugfic GH,

L wakiplex quidem ipfius E B,
N : .' v marocvero quara D. Etqum
L makiplexeft G H 1pfius£B,
L 1
R

- wm mattiplex fiat FG ipfius
N - AE, & K ipfus C; fimiliverg;
*K- HB C oftend=mus FHL& K iplarum
A AB, € zque multsplices cffe.
—— Scmacor deinde N maki

.'l;“ qudom ipfms D5 prime ate
- e maorquam F G, veox-
iy ’I ##s FG mwor non f quam

T M; muice verd G Hquam D;
: ~ w3 w rora FH iplas DM,
'L M L D doced,N oK vero
- : wphamn Nooe ,quonii
:»-‘_. kt@w(;l},hcd,p-l,-_cnﬁf
‘me‘::
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. Prepofitio . Theor.s. '

Qu& «d eandem » eandem babens proportio-
. wem > aquales funt : Et ad quas
cademeandem babes, e 8l -

le [unt aquales. .

: - - 5
Abeat viraque A , & Bad C eanidlerh pro-
- 1 portionem. DicoA,B =quales efle.Sy non
- fant zquales , « non habebit viraque 2 brop,
: "~ A,B ad C eandem proportiogem; SF P
A habet auveem; 2quales ergo (unt Har 5o
‘beat deindeCad A, B,eandem pro-
. 4| portionem . Dieo A, B zquales effe. :
=~ Sinon funt zquales; baon habebit b pyep,
) Cad A, 8 eandem proportionem; g, 5,
Habetautem,zquales ergo funt:Que

. exgo adeandemi&c. Quéd oportuic deméftrares

" Fropofitio 1_6; Theor. 10.

- Ad cindem proportionems babentium , Yue

maiorem babet maior eflad quam
vevd eadem masorem .

P babet,minor ¢ft- L

H:Ab'eat A,ad--fC maiorcd piop&émueh ,

A X quamrB.Bico A maiorem efle.Si non. aut aprop,

A eft zqualis-B.; aut- minor. non equalis 4 v PR

ST K 2 traque
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ta AG fecundx C; qud muluplicemefle , atque
-efttertia & fexta D H,quartx F. Cum enim quam
" PRV multiplex eft A B ipfius C,
< A : tam mulgiplex fit D Eip-
e ' D ﬁusF,enﬁinDEﬂ;&tma-
S “ agi 7 gnitudineg zqualesTipfi F
: + o L quot fun:tin AB wiuales
Bt - E

«;++ipfiC, Rademque de cau.
‘fa quot func' in B qua.

. W les ipfi C,toterusit if E H

. xquales ipfi F: quotiergo
CREE T S I - funt in tota A G zquales |
+ : Ty - iph C; toc-funt-in tota D
S CHN OF) H F 1-’} xquales ipfi F. Quam
.o .+ < ‘multiplex eft ergo A G ip-
+fius C, tam multiplex eft D Hipfius 'F. Ergo AG
compofita ex prima , & quinea fécupdz C xqué
mulciplex eft , atq; tertia & fexta’D H quartae F.
Siergo prima (cenndxy &¢.. Quod' oportait de-
monftrare . .

Ty oY
seo .« Propek3.Theor.3.. -
 wSiprime [cewndd aqud fuerit multiplex, atq:
tertiaguartg;fumantur-antem aqué mul-
_ tiplices prime o & tevtia ; evit ex aquali
<1y Jumptarsm Vivag; wivin[Yy #qul multi-
plex » altera quidem fccupde ; aibera as-
tem quarse.

v,_"-‘; BT R P A ‘ ) .

i iy 1Sn:apr’ima A fecunda B 2que meltiplex , 2t
HA s - que tepnia. G xjuarsg Dy& aceipiamtasipfa-
-sum A,C aqué multiplicesE F, G H. Dicowqui
multie
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multiplicem efle E F ipfius B atque eft G H ipfus
D. Cum enim gque multiplex fic E F ipfius A, at-

_ que eft GH ipfius C:

continebuntur in G

‘ H tot magnitudines
’ H ¢quales ifﬁ C, quot
in EF gquales ipfi A.

Dinidatur EF in ma
gnitudinesEX, K F,

Ki Lt - gquales ipfi A; &G

HinGL,L Hgqua
; les ipfi C. Eff au-

l téw multicndo ipfa-
: rymE X, K F ¢qualis
' nultitudini ipfarum
EARGCD >y Ly L B 'gt' guia,
v eque  multiplex; eft
A ipfius B,vt C ipfius Dsefique E K ipiA; &GL
ipfi C gqualis,erit & E K ¢qué’multiplex ipfius B,
vt G L ipfiusD. Eademde caufa ¢qué multiplex
eft K Fipfius B, ve L Hipfius D. Cum igiturjprie
ma E K {ecunde B gqué multiplex fit , vt tertla G
L quartg Dsfit verd & quinta K F-fecundg Beque 4
nultiplex,vt eft fexta L H guartg D« erit & com “‘
pofita ex prima & quinta E F fgcunde B gqueé mul ** Ll
tiplex', atque eft tertia cum fexta G H quart¢ D.
Siergo prima fecunda, &c. ?nod oportuig de.
monftrare. . < b

.4 Propof. 4. Theor.4: ,

$iprimafd forsudam candew babueris pros
" '{f‘zt{on’m‘; gwasms tevtia ad quariam ; bae
 bebunts&~ aquemultiplices.prima & ser-

. ‘ti

RIS+
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tie ad equemnlriplices [ecunde, & quar-
. 84> [ecundums quamuis multiplicationens s
~ eandem proporsionems  fi, ¢ inter fere~
" fpondent,fumpta fuerint, . - .
) I I Abeat prima A ad fecundam B eandenf pro.
portionem , quam tertia C ad quartam D.
N - Etaccipidtur ipfarum A,
. C 2que multiplites E, F;
ipfarum verd B,'D qua-
eunque aliz xque multi-
plices G, H. Pico vreh
Ead G, ita efle F ad H.
Accipiantur enim_ ipfa-
rum B,F @qué multiplices
K, L;ipfarum verd G, H
. aque muleiplices M, N.
...» Btquia ita multipléx eft
- ~'Eiplius A, vt F. ipfius C:
7 Laccepteque fanr ipfarum
.. + E, F 2zque multiplices K,
. L: « ita ergo -multiplex
eftK ipfius A, vt L ipfius
- .. C.Eadem de canfa ita mul
. tiplex.eft M ipGus Byve N
‘ipfius D. Etquia e ve A
ad B;ita Cad Djacceprg=
que funt ipfarum A, C z-
. - .. 1 que fanltiplices K, L; ip-
bdef. farumverd B, Daliz quecunque My N: bergo
5:5.  Kfuperac M fuperabie & L ipfam N3 & fi gqualis,
squalesfiminor minor; funtque K, L ipfarum K,
Feeque multiplices ; M.vero & N funsiphatum G4
A ' Hazque




LTIBER'YV, 141
Hzque multiplices: c efbergo,vt E ad G;ita Fad
H. Si ergo prima ad fecundam, &c. Quad opor.
taic demonitrare. , .

Lemma.

thjam dcrﬁonfh’atum efty, K fuperet M,
{operare & Liipfum R;& i fit 2qualis, efle
. aqualem; fi minor , minorem . Conttabit
etiam,fi M, fuperet K, fuperare & N ipfum L, & i
fit 2qualis,efle 2qualem;fi-minor; minorem, atq;
idcirco esit vt Gad By ita Had F. _ =
- Corollavines. _
Ex " hoc manifeftum eft ,fi quatuor maguitns
dines fuerint proportionales, & conuerfiny
proportionales efle . Hocefi fi el vsd ad B; isa €
adDieffe quogue Bad A, ws D ad C. :
R o 'p!'OpOfo’fu » ThCOl‘.S. - N
Simagnitudo maguitwdinis' aque mwbriplex
" fuerity atq; ablara ablate’; & rebiqua’
* Yeliqua zque mulcipléx erit: ¥
"atque tota totins, - o

Jt-magnitudo A B magnitudinis C D dque
«J: aultiplex , atque eftablaa A Eablatz CF.
Dico.& reliquam E B, reliqua F D zque multi=
plicem efleyvreft ota AB rotiusCD: Quotuplex
enim ¢ft'A E ipfins C E, totuplex kat.E B ipfius-C.
G Kt qitia oque multiplexiclt A Eipfins C F, at-
que E Bipfius € G4 esit A K @quesmmliiplex CR
Bl ateg

c def.
’0 f.

3!"':‘
1.6
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. atq; A B ipfius G F; ponitur aitem A E gque nuls: -

b Colli-

‘gnllr X

ax.7-

-t

tiplex ipfius C F,a;q;eﬂ: A R iplius CD:zq; multi
plex ergo multiplex eft A Byerinfq;G F,C D:b 2=
qualcs ergosit G F,CD;Cémunis C F auferatur,
& erit tehqu G C relique DF 2=
A qualis. Bt cum 2que multiplex fie
-+ . .AEipfiusCF,aq; EBiplus G C,
T elqueGCaq ualis DF. xque ergo
C . awltiplex eft. AElpﬁusC E,atque
E B.ipfus F D, poniwur autem& A
IF E iplns C F zque multiplex,vt A B
By ipfius C Dz zque ergo multiplex E
B D B ipfius F D; atque A B ipfius C D;
-ergoreliqua’E B,reliquz F D xque
multiplex eft, atque efttota AB totius CD. S:
;:go magum,xdo &c Q\od opm‘:mt dcm‘Qn.
age. ..

h Fropoﬁoioé; Theor.6 .

Si dusg magnitudines dugram magnitudinusns
5 cquduqmu'pldccs Sfuevinty & ablatd que -
dapy fins ca) ddom g qul mulqpluu, erune
veligue ﬂ[dnp A ¢qualc.c » & Aque
multiplices.. ., . . |

Intduz magnitudines A B, C D dvarammig

) : goitisdinush E; Fdeqire multiplices , auferad-
, turq; AG;C HearundemE,F :equemlﬂupbccs .
" Dico religuas G B,H D ipfis B;F,aum gqualesicflc,
dutxque hmlnrphces .Sivprimo G B iph B xqua-:,
" lis, Dico& HD cpf F 2qualem_ efle. - Ponszue?
mﬁfa-quah: C:Ky Cum igisut A G mqqcm}u..- :
g, - P *

v
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plex fiviplius B, avque C H -iplus F; fit vero GB )
T xqualis ipl E,8 CKipf F; 3 prop,
T « 2zque multiplex erit AB 4,7,
AK. .- iptiusEjarque K Hipfius F.
T o Ponitir autem eque multm
Ct . - - -plex ABiplusE, atqueeft.
$ - € P iphus F:gque ergo mul
. tiplex eft KH ipfiiss F, at..
6/ Ht I « . que CD eciufdem*F. Cum’
u L ergo vtraque K H, C D ip-

B i, P EF  fmsFeque ficmulriplex, b b Coli-
oo gqualiserit K H iphi € D. giour ex
; K. yoe Communis C H auferatur ,ex. 6. .

s & erunt reh'qtg'v XKC,HD
v & gruales. gedk € eqdalis
> o eBFergo, & HDeidem F
zqualiser . 'Bltergo G B
R .tq“iliilpﬂﬁ,.& HD lpﬁ

ot oo Fo Suniliser demonftrabi-
. cr o mus @ & B ipfius E fuerit

B 4 o muktiplexs, ghue multipli.
ST . cem effo-H..D iphus F. Si
ok ‘["I‘ ?‘%‘i’i‘rs !fnagnit:dincs.~

- ny u o m: cmon-
:BDEF firare. pett
_ Propafy- Theor:7. . . .
..{cqulgg-.adeandm.undembab,g:u propor- .
“sionam. » O eadews ad aquales.

Int magnitudines A, B gqtlal'es;&'il'ia qugcun
S que C. Dico vtramque A, B eandem pro-
portionem haberead C, & & eandemad. caﬁlﬂ;



-

144 LIB'ER V.

A,B. Accipiantur ipfarwiy A, B gquémultiplices

D,E;& dlia F ipfins C,vtcunque mukiiplex . Cum
: R igiwr zque multiplex fie

Al Lo D ipfius A,& E-ipfios B;fic
a Colli- - o verd A zqualis B,« érit &
gitur ex” ' ~ Dequalis E; eﬂ’t}uc alia F
é. . I pwioo 0 wetnque multiplex ipfius
“ A .+ C.Stergo D maiorelt ip,
- CURE {fa F; ennt & Eeadem Fma

ior,& fi gqualis,gqualis;

o T ‘mitor,minor ; funtq; B,E
v ook F . ipfarum A, B ¢qué multi-
bJef ;{. . II .:‘:':‘:':'plx'ées, & ipfius € aliaF

§-5.

vteunque maltiplex : eftd

EB CF - ergo?tA adcgita Bad

: . ew. 0 €dico & Cad viramque

A,B eandenvhabere proportionem . lifdém edim

Conitru@is oftédemus D ggualem efle E; & aliam

quandam P. Siergo ¥ maioreft D; erit & maior

quam E;& fi equali3,oquatis; i minor, minbr; efi-

que F ipfius C mulriplex;ali¢ veré D, E vhcunque

multiplicegipfaruniA,B: ceftergo vt F ad A, ita

CadB, Stergo gq;ialcs ad ezndén s&cl Quod
oportuit demronttrare wy vy

Propofitio 8. Theor.8.
Ingqualium wmagnitudinwm s 2ior ad ean-
* dem maiorem babet propovtionens , guam
minor; Et eadem ad mivorols maiorem
hibet,quam ad maiorens .

PLY

B maiorquant C, fit & aliz D qugcunque-.,

S Int imgqual_é’s magnicuﬂines AB,C; {.i::&uc A
. Dico
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-Digaeh B ad D:maieren habere prop@irtionen,
giant CadD; & Dad Cmdiorem,quamad AB. .
Lum enimA B maior fic, tfa.m C; ponatur ip§
T S C zqualis' BE. Iaquemunor =
TS - ipfarum AE,EB amuloplis 4 gF

L cesur, donec marox fiat quam 4+ ',_, ;
: .. D.Sitprim& AB minor quam -
A EB; & multipliceir AE,

«.] - donec maior fiar quam D, 3
- 118 . .que fit FG, Efqoam n.ultie
j i I .plexef}rel"_(ﬁ};pﬁusAE,um :
a3 oo o muitiglex fiat Gy H iplus EB,
KHB C &K 1pfius C. Sumatur L ip-

ez, s Brdupla M trpla , & 1ta
. ki ¢ o -deipcepsvna plus quoad fum
TN pta mulsiplex ipfius D, fiat
. primbthaor quam K , fum-
S SN N . pta fic N quadrupla ipfus D,
. . - & primo maior quam K, Cit
: 1 o I ergo K printd minor it qui
o3 N, non ¢rit' K minor qiam
-~ NM L D M, cumqueerquet mukciplex b
fitFGipfius AE,& G H iplus LB berit-F G.
aque multiplex ipfius AE,-& FH ipfius B.:l‘ "‘”
aque autem multiplex-eft FG ipfius AE,& K™
ipfus C, c'zque ergo mulrjplex eft-F H ipfius C 4%, ¢,
AB, & K ipfius C: fantergo B H, & K zque qul- ~
tiplices ipfaxiih A B; €. Rurfus cum G%l ipfius ..
E B ®que fit tultiplex , v K ipfius C; ficque EB %
iph € Bqualis :d edit & G H.ipfi K »qualis. At dce
K non eftminor M : ergo necG H minor eritM: 8™
_ mdior autem e FC qui Dy tora erga F Hvtraqy %
D, M maior eff. Sed vtraq; Dy M zqualiseftiph ' .
N,cumM yﬁus D fusriplay vaaque auteo M,
oo K D ipfius

o
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> ip&us Dquadrupla: eftvero & Nipfius D qua-
¢ &f, dsupla: ergo vizag; MyD zquales funtiphi N : fed
* FH ipfis M; D maior eft. ¢ Ergo F H-lt:perat N,
7.5 & K non fuperat N; Quia ergo F H, & K fung -
. que mulkiplicés ipfarum A B, C, At Niplius D
£ Cée.n. greungy multiplex eft,f habebit A Bad D maioré
fins qua proportiopem quam C ad B . Dico contra D ad
wmorm3 C majorem habere , guam ad A B/ fjfdem enim
gids conftrudis, imilirer demonftrabimus N fupera-
nesAByie K & non fuperare F H . Etefiim N- mulciplex
D650 ofy infius D sipfarim vero ‘A B, C vtcunque giul-
Juperei=ciplices funt FH, K. habet ergo D ad'C maickem

gue misi . ‘ptopottiones, §uam ad A B.
splex- E- - Siuamﬁ Ema,iorquzm EB,
Z;"::”l: . :-&minorEB multiplicardBac

A .maior quim D,quefit GH,
© ~wukiplex quidemipfus E B,

siplicem _

f"’_‘"“ , v@QF | -maiorvero quari D.Et gjam
Noat oL E -mekigloxed G H ipus § 8,
'”I"x ' . I tam multiplex fiat F G 1gfius
f-' ;5' - wyr 1 o  AB, & Kipfins C; fimiliterg;
tiaknd IO H B € ofendenivd FH,& K iplacum

m: . AR, C zque multiplices effe,
céquay-" & Sumacur deinde N multiplex
1 Noe,” = quideny ipfius D ; prime ane
'ii "M_ 3 . : _!em.mador.qmm ¥G, vtour-
ior pro. "w fbs'FG minor aon fr quam
porsiog : 1 » l " Mjmaior verd G Hquam Dj:

Bud 0, : +4¢d vu vota F H ipfas D, M,
it WM L D hbeoty N fpeser; K vero.

gnam €

ad Dpein~ ~ > s iplam Nepoa etyquoniy’

&’y pu$ GF maiorquam GH, hoe chtyquam K non fiu=

ws, . perat N. atqyical pesficiemws: demonficationemy
-velapra.Inmqualis ergo, R Quod oportuis, Scl
Tod . .

Prow
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Propofitio 9. Theor.s. '

Qua ad ecandem > eandem babent proportio-
. nem s equales funt: Etadquas
cademeandem babetser i
I funs aquales. . -

Abeatvaraque A , & BadC candath pro-
H postionem. Dico A,B zquales efle.Sy non
. font zquales , «non habebitviraque | 0
- A,B ad C eandem proportiogem’; SP;".
A habet autemj wquales ergo funtHar 7°
o -bear deindeCad A, B,eandem pro-
C pozrionem . Dieo A, B zquales effe. ;s
T :~ Si:non funt zquales; braon habebit b prop,
B}  Cad A,B eandem proportionem; g, 5o
. .+ Habetautem,zquales ergo funtiQue
ergo ad.eandem;&c. Quéd opottuit demé firares

~* Fropofitio 1_6, Theor, to.

- oAl tandens proportionem habentium ,ins
maiorem babet maior ef,ad quam

verd eadem masovems 0

babet,minor eft- -

Y Y Abeat A 2d-C maioreni piopéxixduein ,

. . quatw’B. Dico A maiorem efle.Si non. aut 4 prop.
Acft ztprlis-B.; aue- minor. nc_m'a!‘qu;lli&m v 9.5,
AT K 2 traque

]
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- cprop. S

" ’;Ar\

J’rop.;' e

8.;. X

traque enim A, B eandem habe.
. ret propottioném ad C ; at non ha.
] bet; non ergo B #qualiseftapfi A.
) Non minor.quiz fi minor effet A

3 -~ quamB. b haberet A ad C mino-

* - rem proportionem,quam B at non

A .. habet: non efgo-A minor eft quam

' B. oftenfum eft autem quod neque

: fit zqualis . maier eft ergo A quam

q B.Habeat rurfus C ad B maiorem
/

. proportionctn quam-ad A dico B
A nuncrem effe , quam.A. $1 non; ayc
ooz o efi mqualis yauemaior. . Non gqua.
' wa - -~ lisychaberetemmC ad A & Bean-

B : dem prcportioném ; atnon habés;

nonergo A zqudliseft ipfiB . Ne-
. que mator eft Bquam A ; 4 haberet
enim.Cad B minorem proportio-

¥

pem quam ad A; atnon hab-t: non trfo Bmater

eft.quam A . Oftenfum cft autem quod neque -
qualis.mader ergo eft A,quam B. Ad eandem er-

- go proportioné, &c. Quod oportwt deméfirare.

-Propof.11.Theor.11.
Qua gidem cadem [unt proportiones & in-
Y terfeesdem (unt, :

Teve A ad B,lic Cad D;&ve Cad D, fic Ead
) F.Dicoeflevt Aad B;icaEad F. Acarpiane
tur enim tpfarum A,C,E xque multsplices G.H, |
K:ipfarum verd B,D,F ali¢ vtcunque 2que mul-
gpl:ces LM< NuBt quia eft ,ve A 2d Byita Cad

5 aceepygquie.fmt 1plarum A,,«C. #que multipli

e G,H; spiaremwerd B, D wscunque gque mul-

e tiplices
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< tiplices’ L; M:eergo G excedity Jefie,
L}:cxcedxt'&- Hiipfgam M, &b :‘f 4
- - g qualis; i minor ,Mino Rurfus
a cifitvt Cad-D;ica Ead F & ac~ ;
& w & cepté fintipfard C,E @quemulti -/
R ' I plices H', K, ipfarf v_'c,r?.‘DiFa-
‘ A D¢ lizvicunque xque mmltiplices
<A B z- . M',N.be?goﬁgxgtditﬁ‘i’pfam b def.
' - M excedet & Kiplam Np&fi 55 |
I »  2qualis , zqualis yf minorymie .
‘ ' ' nor: Sed @excedivr Hipfag M ;
o e excedes & Gipfam L y& fi ¢~
' I - qualis’, gqualis; & minor , mi=
- HC DM dor- Quare fi excedit G jpfam ~ °
- DA RE L excedet & Kipam Ny &6
L - mqualis 3 mqualis ¢ fi minot .
mior. Et funcquitlem G, K i~ - "~
sy farume A Bzque multiplices : Ly, 7 @
: T “N vero-ipfarum B, Ffuntaliz *
: -4 vtcunque ¢que muluiplices Kit
- I -.cergovt Aad B;iga-EAidddF:ﬁQg:z ¢ defs
QP - ergo eidem, &¢. @po olte
K E FN G o oddemotr g.5.

 firare oportiit.’ )

. Propof.12.Theor,t2, =

‘Siquotcomigwe magnitudines proportionalet
fuerintserit we wna autecedentium ad ws
nam confequentiig ita omnes antecedentes
* ad omnes confequentes, . - -
:Q Int quotcunq; magaitudines A,B,<,D.8,F,
A vtquidemAad B itaCad D,&Ead F,Di~
sovtelt AadB;itaefle A,CsEad B, D,F. Aca
sipiantur enim ipfarur A’,(IZ‘,:E gque multiplices

VA . X ; 3 )
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B S II
GABL
adef. ‘

HC

bprop,
§. 1.

)

" ]

M .

G H,K: ipfarumverd B, D, F
.aliz vrcunque 22que multiplices
L,M,N.Etcumfitvt A ad B;
itaCadD; & E4d F ,accepte-~
que fint ipfarum quidem A,, C,
E 2que multiplices G, H, K; ip~
farum verd B, D, F. aliz vecun=
que zque multiplices Ly M, N;
- ergo fiaG excedit L, excedet &
H ipfam N; & K ipfam ?;&

minor . Quare fi gxcedit Gip~
famL; excedent & (_{H; KXip-
" fas L, M,N, & fi #qualis, 2qua-
. les , fiminor , minores ; funt§ue.

G; &G, H,K ipfarum A , &R,

C, B, 2zqué multiplices ;b quig fi
 fuerint quotcunqué magnitudi-
-aes quorcunq; magnituginuil ,

xqualum npmere fingele fin-
. gulard zqué multiplices., quam

g E F N multiplex eft vna ynins,tam mul

d;m de caufa fu

tiplices funtomnés omnium.Ba-~
nt, L,& L, M, N ipfarum B, &B,

D, F zque multiplices. Eft ergo vt Aad B; ita A,

€;Ead B,D,F.

Siergo quodcumgue magnitudi=

nes,&c. Quod oportuic demenftrare.

Propof. 13. Theot. 13.

Sipﬁdm adfe

cundam eqndem proporsionem

7. babuevitsquam tertia ad quartam ; tertia
werd ad guartam maiorem habuevit;quam

" ‘quinta ad [extamshabebit & prima ad [e-
" cundam masorem » quam quinta ad fexta.

fi zqualis , ®qualls ; i mipor , -
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F .IDRima A habeat adfecundam B eandem pro-
s. - & portionem, quameertia C ad quartam D,
! Tertiaverd C ad quartam D maiorem habeat,
v quam quinta E ad fextam F. Dico primam A ad
' fecundam B maiorem habere, quam quintamE
i ad fextam F. Cumenim Cad
3 D'maorem propsrrionem ha-
beat, quam E ad F; fintque ip-

farun C, E qugdam xque mul-

tiplices ; ipfarum verd D, F

ali¢ qurecumque @ ac maltiplex

quidem ipfis C excedat multi-

I phcem iplius D; muleiplex ve~

MA B N¢o ipfius E non excedat multi-

plicem ipfius F . Sint exgo ip-

. faram €, E 2qué multiplices

G, Haipfarum D, F aliz vtci-

‘queK,L,afic \tthuldemK

excedat: H verbL non exce-

dat. & quam wultipléx eft G

ipfiuis C, tatn miultiplex fit M

ipfus A; & quam maltiplex eft

K xpfus D, tam moluplex fit

E c N 1pfius B JEt cum fi vtAad
B; ira Cad D,accepraque fint
: . ipfarum A, Ceque multxphces
v - M, G:iplarumverd B, D aliz
» I .. vtcumque ®qué mu}nphces N,
X, fi M fuperar N, & G fupéra-

H E F I me &ﬁtquahs, wqualis B

. ramInor , minor s fitperac autetn

- G xpfam K bfuperabit ergo & M ipfam N : at H
non fupent L; &funtM Hiplarum A, E ®que
muleiplices ; Nvers & L ipfarum B, F vicumque

X 4 zque

adef.
75

b dfe
§F5e
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- zzque muleiplices fine < habetergo Aad B maie-
reayproportionem, quam E ad F.. Si etgoprima
adfecundam,&c.Quod oportuit demonttrare. -

"Propofsrq. Theor.xg, - - -
$iprima ad fecundam eandews babucrit gro-
. portionem,quam tertiaudguarsams; hri-
. msa awsens quam tertiamalor fucxit Levit
< & fecunda quam quarta seaior : &rfie-
« - qudis,,cquglis.;ﬁminonv?inpr.? 2.

_e T - 4 o« L
PP Rima Aad fecundam B earrdem-habeat pro-
-~ portiones , quamtertia € Adquirtdni .

ARCD
u.I D= 'ergo\-C ad

& fit: A quam Cmaior. Ii-
- -co & Bquam D maior

aprop. -

efle. Com engim A quan?
-amuor fic, fivque alip g
cufiq; magnitudo B «

" bebitAad Amgjorém

portionem, quam @ a

Veautein Aid B Ge eff
D -maiérem_haber proptst-

tianem , quam C ad B.’Ad b quagf autem e
maierem proporriohem habet

5 gllaminof eft;
* -miner ergo eft D.quam B.quare %uam‘b ior
eft. Similiter demonttrabamus fi

\ 2Quatis . C,

. &B-pfi.D zqualemefle: & fi A tidor Bt fram
€, & B minorem effe quame D . Siergo prinfa ad

, fecundam, &¢. wopomﬁtdcmquﬁ_rgrc

-

.
et
-

*

- t
. T Coomoc 3 ot nea
_ e , - . P
- T o ey ‘l. 4 e . LR = A - s
< . Pro-~
. ‘\
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~te Propof ty Theor. x;. Sy

Partes cum pariter muluplmbus eanders

- babmtpro ortionens ; fi ¥t fibi mutso
posdm. fcmmmcr. T

S Tnt zquc muluplxces A B npﬁus'c, & D Ei 1p- s

fus ¥. Dicoelfeve CadF;it2a’A B 2d DE.
Cumenim A B ipfius C ita mulup,lcx fic, vt DE
iplus F , eruntin A Btot magnitudines 2quales

xpﬁ Cs quo;fum:m D E zquales ip F. Diusdagur - g

inD K; KL, L E gquales.ip

" G H, H Bgqualeg jpfi C. BtDB
erivg; . muh:itudo?G H,

quam DX,KL,LE xquales fun!,
rit vt AG ad D K;ita GHad

vnum antecedentium ad-voum
confequentium; ita omnes ante.

-eedentcs ad emnes confequentes. Bt ergo vt AG -1+ 2

4dDK; ita A Bad DE.Eftantem AG;pﬁCz—
.quilis, & DKipfiF:ergove Cad F;ita ABad

enimAB in magmtudmcs AG

-zqualis multitudigi DK ; KL;-L .
B. Brquiatam: AB,GH, HB,

L,& BHad LE; eqritergo vt

-’

- &
LEMY
~5 J"'g'

DE. Partcs ergo,&c.Quod oportuic demoﬁrare .

, Propof. 16. Theor.16, .". -
: S’t quatuor magnisudines propomonalcs fut-
_vint, & permutate propomonalcs erunt.

Y fot quatsor nugmmdmes ptapomona!es A,
B;QD.Y: A;;dr B.Ju C MD.« Rige & per3

A mutatas
. . ~
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* oucatas praportionales effe: Vet Aad C; ira B ad
D. Accipiantnt-enim {plarum A?B eque multipli-
wa ... ces, B, Fyapfarum €, D alize, ve-
. . cumque G,H. Etqing E, F aque
' o Umultiplicés funt ipfarum A, B,
. -t.vahabentd; pareps todem modo
aprop multiplicium eandem prepor-
1.5 141 ‘T svioneminter fe comparare; éric
[ -1 vtaads Eg EadF.Viverd A
! ; vadBiitref Cad D resgowt C
b prop. ,E ABF ad DjitaefR Ead F;'Rug'uscum
e e sl GG H ipfard C; D finvequé ul-

155 E .- _tplicssyberityt CadD,ita G

T e ad B Veautem C ad D ; jra- 3
cprop., B o " EadFiergoviEadF;ita et G
T4 5. f ad-H.c Cumautcmi;uatuormc-
: I; . - gnitudines proporyionales fiié-

GaD FA rint,& prima quamiFrtia mai
uerie, erst & fedunda quam quarta maioi‘,&,_ﬁ:g
iqualis, zqualis;ii mindt;minor. Brgo 6 E fupprac
GQ,& F fuperabit H..&; 6 gqualis’, 2dualis ; frmi-

S mor, minor ~Suntautem B, FipfarunrA B, aefre

dis awuleiplices. G, H verd.ipfarum € , D vicumque

Af. fune gque multiplices.¢Eftergove A 54 Critad
5-5-  ad D.Siergo quatuer magnitidihes, &c, ‘Qudd
" eperuttitdemonfirare. - B i
" Propof.17.Theor.17.”
Si_compofita magnitudines ‘proportionales

" fuerintsep diuifa proportionales evidrt,

S.Int compoﬁtg ma'ghit.')din‘eéA'I;;BE:éﬁ,.bF

3 propoctionalys : Wikpridam A BiadB ES ita

CDyad DR, Dicoi& disifasprepostiosalestile ,
e . vt AE
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vi AEad E B; ita C Fad ‘F D. Accipianauy enim
_ iplarum AE, EB, CF, FD 2que multiplices G H,

HK.LMMN- ipfarum verd EB,ED aliz vecum. \

que =qué moltiplices KX, NP. Ec quia ®qué minl«
tiplex eft G H ipfius A E, vt H K ipfius E B « erit
GH ipfius A E 2q¢ multiplex, ve G K ipfius AB.
2qué autem multiplex eft G Hipfius A E,vc L M
ipfius € F: b ergo ®que multiplex eft G K ipfius

AB,vt LM ipfius C F . Rurfis

X quia ¢qué multiplex et LM
]' ‘P ipfiuis CF,vt M N ipfitis F D;
T 4 cerit LM ipfius CF gqué mnl
X tiplex,vt LN ipfius CD.2qué

- -autem multplex erat L M-ip-
. fins CE,ve GK ipfins AB:der.

o GK zque multiplexeft ip-
tws £B,ve LN ipfius GD. Sac
ergo G K, L N 1pfarum AB,

] FIF
G A C L. quia HK ipfius E B equé mul-
tiplex eft, veM N ipfius FD.

aprop.
N
b prop.
1I. b O

CF.PD
1. 4.

d prop.
3.5,

CD zqué multiplices. Rurfus

2—& verd & KX ipfius EB 2qué multiplex-, i NP

jipius ED .eerit compofita H.X ipfiusE B zqué
multiplex,vt MR ipfius D'F.Et quiaeft v A Bad
BE;ita CD ad FD; fumpteque funt ipfarum A'B,

€ D zque muluplices GK,L N. Ipfarum verd-

EB,EDaliz vecunque 2qué multiplices HX,

MP., Siergo GK fuperat HX, & LN fu--
pesabit M P. Et fi zqualis, equalis;  mi-

nor, minpr, Superes GK iplam HX, ablata com-
muni HK {perabit GH ipfum K X. Sed i G X fit-
perat HX Jfuperabic& L Nipfam M P, Superes
grgol N iplamM P, fuperabit (comnum M N
ablaca ) & L Mipfam N P, Quare 8.G H {uperac

KX, &

e props
g
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KX, & LM fuperabit N P. Similiter demonfiris
bimus,fi GH gqualis fit K X, & LM ¢qualem efle
NP;& fi minor,minorem. Et funt GH,LM ipfa-
rum AE,CF xqué multiplices. iplarum verdE. B,
FD ahg vecumque KX, NP.fEft ergove AE: ad
EB; ita CF,ad FD. Siergo compofp ieg, & %

. oyonuu demonﬂxare

Propol.18, Theor 18.
Si diuifa magnitudines propomonales fue="
sk, & compa[iw propomomlcs erunt.

' S Inc dnufz magmtudmes AE; EB CF, !-'D pro
portionales. Ve AEad E B;ita CFad FD.
Dico & compofitas propomom.lcs efle ,vtAB

"' adBE;ataCDad FD.SinoneftvtAB deE,

ftr CD ad FD; fivt AB ad BE; ita C Dvélad

~ »minorem F D; vel ad maiosem. Sie primo ad mi-

a pray. .

17.5.

b'pwp.‘

1. 5.

< prop.

14.5.

norem DG. Cum ergofit,vc AB

. ad BE; ita C D 2d DG, erurit com-

Cc pofite magnitudines propertiona=

Nes; afuntergo & divife, vt AE ad

o EB, ita CGad GD; poniaur autem
E F vt AEadEB;ita CFadFD:berst
ergo veCG adGD, ta CF ad FDI

G+  Eftautem prima C G maior tefuia
CF: cerit ergo & fecunda GD'n:a-

B D or quarta ¥ D; fed & minor eft:
quod fieri non poteﬁ Nosi ergoeft

vt AB ad BE; 1ta CD ad mmorem ipfa FD.Simis

 Iiter demonfirabimus >quod nequead maiorent-

¥ D; ergo ad ipfam: Si eigo dszz ). &c @od

, op'omm demonfigare. -

Pro-
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Propof. 19.Theor.19.
Sifuevit vt tota ad totam ;ita ablata ad abla
sam; O veliquaadreliquams erityve
tota ad totam,

& - N o .
VIevetotz ABadtotam CD; itaablata AB
ad ablatam CF.Dico & reliquam EB ad re-’
liquam FD cffe,vt elt tota AB,ad totam CD.Cét
. ' ‘cnim fitvetota ABad totam CD,

“A-  ° ita AE ad CFya evit permutando a prop,
L ~ABadAE,viCDadCF, &bdi- r?l;
- nidendo BEad EA, vt DFad F C; b prep.

ue. pekmptando vt BE ad 17.¥.

1c
I S A .grﬁiss ekr
£ F FiiaEA3dFC, VeverdARad
b o . - C¥F;ficponitur tora ABadtoram
] CD. c eft ergo reliqua EB-ad reli-
quam FD,vttots AB ad toram
= . CD.Siergo fuerit,&c, Quod opor
5 D autdemonftrare, ., <

.Covollavius.

I3 T quia demonftratum eft,vt £k AB2dC D,

. fic efle EB ad FD,erit ¢ permutandéwt AB

ad EB; 1ta CD ad F Dl compofita ergo magnitu~
.dines proportienales funt., Otienfum et dutem
vtelt ABad AE; itaefle CD 2d CF, dirod’efl pet
‘conuerfionem ratromss . Vnde pedpichuny et , i

€prop.

1. 4.

16-9.

eompofitz magmisadmes proportivnalesfint; & edef. -

per conuerfionem-raypnis proport: ~hales efle.
- . Faétg autem{yat proportiones,& in gqne mul
R tiplici-

il- §o.
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tiplivibus,& in analogijs. Nam £i prima fccundg
gque fuerit multiplex, atq; tertia quarta § erit vt
primaad fecundam ita tertia 'ad quartam . Sed

‘nonitaex contrarto conuertitur . Sienim fuerit

vt prima ad fecundam,ita terria'ad quattam , nen
omnino erit prima fecunde, & tertia quirtg gque
multiplex,vt in fefquialteris,vel fefquitertijs pre
portionibus,vel alijs huxufmodn. .

~ Propol.20.Theor.20.
$i fumnt tres magnitudines; @ alia illis'wus
mero aquales ; qua bine &r.in cadens ra-
tione {umantur , ex equati autem prima
 guam tertiamasior fuerit » erit & quarta
quam [2xtamaior; etfi .equaksmquln, I
minor; miuor.

lnt eres maguitudines A,B,C;& alie ipﬁs fite
S mero zqudles D,E,F,qua bing, & in eadem
ratione fitmantur.Vt quidem
AadB;itaDadE. Vt verd

B4d C; ficEad F,ex gquali

_ I . grtem A maijor ﬁt quam-C,
TR "~ "Diéo & D quam F maiofem
A BC & gqlquhs aequalem fi
AN - miinor minorem, Cum erism
: A mdiorficquam C ; alia ve~

0 #6 gigcumg; B. aHabebit A
' I - -&d'B maiorem preportiont
DEF quamC.udB. Sedvi Aad B»
iceitDad B. vt autem C ad

B ita eﬂ: & sonucreiddo-Fad £y Brgo D ad E ma-

aorem
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iorem proporcionem habet, quam FadE:cad
eandejn’ gutem propostionigm | abentium g qua
spmiorem habet, illa maioreft sinaior eft eio D
quam E, Similiter demonitrabimus . $§ A fic 2-
qualis C; & D equalemefle F; & fi mindr, mino~.
rem. S1ergo tres fuering magm:udmes,&cﬁ'o
dmmu L€ OPQTLliL, -

S Propofzx Theor.zx. .

.

Si [umm tres maguuudmu s 0'alue lp[l': ‘

‘nimero &gaales quebina s & incadems
© proportione fumantur, fuerit ausem carli
persubiita proportio, &ex aguali prima

- meaior fuerit quamtertia s quarta qua-
. fextamaior erit. & fi ¢qualu,¢qualu,@~
/' mmpr, minor. - . i

Imm'es mabmtudmes A,B,C !& aliz |pﬁs nita

- meso gqualeaD Eg nfz‘gbx »&iealem

, . ratione fufadtur-fic autem pers

<o - g turbata earum proportio vt A ad
Tyt T ByficEad F,& vt Bad CficDad
E 3 fitg;ex gquah A qgiam C ma~
ior . Dico & D maiorem efle ipfa
F3& € gqualis.¢qualem;fi minor,
minorem . Cum ergo A maor

¢ prop.

A - - fikquam C, fitque alia quadam 227%.
. A Bc B. « Habcbn A ad B majorrm 3

’q

‘?ropomonem > qum C ad B bpryp.
edytAadB;ita cREadF. k¢ 45
lz.couqncndqg vt Cad B, ita EadD:. qua ‘P"P

e ICEad

10,94,

~
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~ 7. " reE ad F maiorem proporio-
: " neth habet, quam Ead D . Ad
SRS - - quami antem eadern maiorem pre
S - pertionem habet, ills minor efts
- e ' e - minoreft ergo F,quam D: adeo=
. . ; ‘»gue maior D quam F . Stoliter
L oftendemus fi A it 2qualis C , &
D E F DipfiF gqualemefie:& fi minor,
.7 mhinorem. Siergo {uennt tres
* magnitudines , &c. Quod oportuit demonitrare.
o Prapof.33.Theor.22, -~
81 fuerint quoscamaq: magnitudines &~ alia
- ipfis numero equales,que bine, & in ea-
dem proportiont [umantut & ex aquali

in cadems proportione erunt, ‘

' S Int quotcumque ma.
'[ . . gnitudines A,B; C;
& ali¢ ipfis numero 2-
.[ 1 T I quafe;?, E; F; que binz
‘ - 1& ineadem proportiohe
. AB CDE Fiumnur, ve quidem A
) Ay ad Byita D adE; vt vesd
p G’f MHE N BadC;ficEad F. Djco
i quod.ex xquali in cadém
fint proportiones Hoc
eft,dicoveeft A adC;sita
1 efle D ad F.fSumaneur
“enimipfarumA, D gqué
A l multiplices GYH; 1pfan
, ++ . qum B, Ealiz vtcumque
A © " K,L:Iremipfarum C, F
T e s alia veewngs M, NG EE
. cum

b




L I'BER V. 17 &
<ctmdfit, vt A:pdb; ita B ad B, accepted; fintips -
!IanunA,Daq&ékalt wesG, H. Iplanim B,
:Eahzvcau;q, s p\:lnphces K,L,«critve a prop,

sita il ad L..,Eadem de canfa erit,veKad 4.9,

f. . €umn ergo tres magnttudmes t
q,g( M; & pz rpﬁsqquales n-feroH,L; N,
e bm;p & ja cadem prop lohcx‘ rib bores,
ggagu (f,G ?J‘!% & Hfuper X~ zb.;.’

ss;quz 53 mmor,lmnor.
ym A, Dzqué mﬂlxphces:M,. fx

Becernergoy, wAad, C; i, Dyad F. Sne “ff
Quotcumaue, &c. oportux: dunonﬁrarc. :
"] 29!..1::;: Ctorn o Gl g

wougiii. Propok, 1;.‘Theor.z;. ;

AL Dui TSy N -

Wﬁﬂh& p;&giuudmcs ’ ’6’* alie spﬁc _
RE qu [T qumro 1que bine, @‘ in cadems- - -

" propeftione fumantur s fucritquecaruns
,o pmﬂrb«m prapdmw,o- €x mquah neas

(s propom)dng‘rnnt P
vzt P00 Lo il 0053 -
S Iutttcsmagm:gdmes A B é & ahzxpﬁt 2
zquales numero bijng jn- eadcm preportio=
nefump:z E, F; fitautem earum .Pef‘“'b“t
C2, Ve A a8 BUREE adF: Veveld B
Gs tDad B} Drcs éftve Aad Ci ia D' F.
Smmt \phmmA, Bj D 2qué mulcipliced G,
3 F\ ,ali# vecumgue L, M,N.
uxa 1pfaru A, B furit zqné mulcipli-
eei 'a partesautt‘m Teotén mddo mukigfierum a prop.
a-mm:p opokidhent, crit vuaadB 1y §.
ficGadH. Mmqmﬁmt,vtsgdf,
3
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B prop, ad Nycainis fit vy A id Bsita Bad T b erit qu e
1.5 vt Cad H,xumadﬂlxurrusqmteﬁvé B ad
R S ALY an 'l"’it!Dad*E,!nmp&q;fum
PNSTRETE : dpfarum B, 1D :zqué ihul

{ >
- RS 3 ~‘~u uphcesHprfammve-
.11 pE €y Eali# vrcumq; L,
tﬂ?‘ ! y :‘l cm(t)thadL:{!iux
Y 3 ? M et .
s AB CDE R oaigelie,veGad Hsiea M
GHILEMN ad .Cuni'efgo tres mae
TR YR ngtudmcs*G,H‘L,pro-
yoxtmnalesf int'y & alie
ipfis numero zquales K,
.. MuN,bingingadem pro-
portione umptz, firque
BT, SR “'i"}ti’ 9\‘ G‘n?
LS L topexd zqualihi Glupé.
Apmpaman e o taig iy K faperibit N
-5 L vl LT g meualisy zq;uﬂs -
R nmmt,thnw,wqg
Klpfarum K,quu:multq)hccs L,N ver

e def, farum C,F. eEft ergo,vi Aad Cj itaDad K. Sl
5.5. Sgofl fi qttrcs,&c. Qx_p&oportuu demonﬁrare.

ey rvﬂ- 2

= o Mopofitic §4~Theor. 24" "
§i P'd”"' ad [ecundqm u-dcmbnbmm
4 porsioners guens sertia sd qumrsiens s b
r"bm'wm O qwitita ad fesupdans cam<
“dtfsimam [eseaud guartam it
. ‘czmeqﬁ:;:pﬂmd- quings idfgcns-
O 7 o4 monnun W‘m“)
v'fcmadqamm. shed A lla-
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Abuc prim2:A B ad fecundam C eandem .

ll:: porumem,quam tertia D E ad quar~
tam B. bean verd8i quinta B G ad fecundam

) Ceahdem pto m, quam fexta EH ad ~

~

* #av . quartam F, Dicocompofi~

i < A ‘Tumcxpmm & quinta A
S .[ . L J. g:d fccundam’Ce:ndem
U vt e o ere-propostipne ., qitam
R B ha babetcgmgoftfcx t?ma,
- +Y- vo. - 86fexra DHad quafam F.
B, qE - .. Qemenim fifve BGad C;
g ! = rf s vigx B H-ad Fy« erit fonuer-
- BFO tendovt C ad BGstaFad
. L 3 4k

- E M Etquia eyt ABad f
Ac W '« vaqualiergo efty vt 'A B.ad

I i CiisaD BadF. Ve verd C

mapre
f4-

s obrad BGyita F ad E H. bax"f’"}

Dl 36:1&3DE:¢BH e B pro’

cum lnufz maghieudinés--praportionates-finty '

crunt & compolitx proportionales .o Vid érgo A
GadGBjitaD He¢ HE Bit vero:vtG Bad

C:ita EHad F:4 ex zquall-ergo. eﬂ,’v:AGad d prop.
C:itaD HadF.Si ergo primaad fccundam,&c. 3z, §.

: Q_odoporsdudemnnﬂrare. e 4
R omf, :q;} Theor, a5, o
& quatuor magnitudines proport tonalts ﬂtf
) rmtmuxma minima dua5;<:)n2:
R guu umpru O T
Slnt uaﬁohﬁkmzudmes ;ro arcionales
AB,CDEE/viquidem A Bad GDFa B
:d F.Sit masimh &' ‘Bywhinima F. Dico-A Bsk F,
L s quam
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. quam CD, B maiotesefle. «:Ponatur ipfi B 2«
3, 1. .quahsAG,Jpﬁ F, zqualis €H..Cumergo Gt
vt ABupd.C Dyita. Ead F Sic
autem 1ph E-zqualis A G; F ves
1o C Hx.pmchBadC D;ita
AGad&rH. Etquiaeftvito-
a3 A Badtetam C D,ira ablata
.- AGadablatam CH; b ernt &
" reliqud GB ad reyquam ‘HD,
. .vtrota:A B ad cotah C D ma-
. Jorefk alitem A Bguam CD.
maiopergo etiam B,%am
; HDsEscum A G 2ydalis fieip.
B &CHipliF; dnunt AG &
.. 3 .. F Zquales ipfisi CH & E, &

an.4.a R SR cum,cqua.ndo ’(1ua,ha inzqua-
Libuis addlmmr, tota fiant inzquadia, Ergofi(G
BHD inequalibus exsfteatibus & maiort G B)
* addantur tpf i1 G B,ip{z A G; & Fsipti veréd HD;
ipfx C H, &E, colligentur A B, & -F-maiores,
quam CD;&E. Si ergo qwuor &c. (Lod

_— opo:mtdemonﬁratc . :

Squmm propoﬁuotm now [mn Mdu sfodd Fo-
derico Commandino ex Pappe Jlfxmdrmo collalle,

Propo( 26, Theor. is. _
i pwma ud [eenndam maiorem habueris
propomoncm, quam teriidad quarnm ’
babebit Coniertendd [ecandaad primam

.. miveton gyam qude feriiam .,
- Abcat AB ad B C majoram_proportia-.
gmam,D EadRF, Risp. BadBA
Lal'D ¥ QO

A\
[}



LIBER V.  16¢
-minoremhabere; quamFEadED. SitvcAB
'adBL:ita DEadﬁxam G:ergo DEad G ma-
iorem habet propor-
D - Tt o kionem qualnDEad
A -B.C ;Eannorerooem aprop,
- " G,quamEF. Ponatur 8. .
* E____'E__e_f. ipi G xqualis B H.
[ < 3 Q.uaxg:m_;tvt AB-ad

© - TR ita éR IYEadE

et H;—b eric gonugrtcud’é, bl.m-

vtCBadB A;itaHE m pré

adBD. ¢ SedHEadED minorem h:lbet pro- i"f“
portionem, quam F E-ad ED: Ergo & CBad AS

B minorem habehit,* quam FE a&BD Qtlod CP rop-

~

opornu: demoaﬁrare PR 8.5,
o . Quod §-AB adB
A B c C minorem habuerit
.-—--—--'l

. preportionem,quam
2 E _,_3" & ¢ DEad EF; habebie

} - conuerttrrds C'B ad

’ 2 BA malorém, quam ¢,

FEad ED.fit vA Bad BC; ita DE ad PP
aliam B G, d que maior crit quamEF. ¢ Con- chu-
mertendo ergoerit ve CBadBA; itaGEad B’ m
D. .f AtGE ad E D maiorem habet proportio«

| hﬂmpnzdnnugocnaﬁnlxmm— pol- 4
em bxt, quamli BadED. -~ ‘ Af ’"’.
’o $e

Prbpof 27 Thcor. 27.

$i prima ad fecundam maiorem’ babuerit
propertionces ; J4em mm; ad qurm

.
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~ .babebit - permusando prims ad tertiam
maioremquam [ecunda ad quartam .

H Abeat A B 2d BC maioté preportionem,
. quamDEad EF. Dico A Bad D E ma-

“joré habere,quam

A BCadEF. Ve

rA B G cnizat A_]B adG BC;
= ———% inftalia GEad .

:t;:' ) 1...__.........._.6 D E R EF: 4 qua maior

bprep. : i erit, quum DE.$

6.9, . . Eftergo permutan

< prop do,ve A Bad GE;ita BC ad EF.¢ Haberautem

5. 5. ’ A B;ad D E maiorem proportionem;quam A B

adGE, hoceft,quamB Cad EF. ErgoA Bad

D E maiorem proportionem habebit,quamB €
ad B E. -Quod oportuit demonftrare. -

cor gy det ratioe

Y. B € ne,fiABadB
S + -4 C minorem hi.
D G E F beat proportioce
St = - pnem,quamDE

ad B F, fequetur

permutando A Bad D B minorem habete,quam

dprp. B CadEF. SicenimvtABa2dBC; itaaliaGR

8.¢. adEF, d queminoreritquam DE. ¢ Sed A B

¢ prep, 8d D E minorem habet proportionem , quam A

8,5. BadGE,hoceft, quumBC adEF. Habebit

~ Tigitur A B ad D K migarem proportionem,
quamnBCadkF. e -

RS v - .. ."h‘

Y
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Pribbftid 285 Theor 28. =
Siprima ad I'ccundam maiorem propmu-
pews babedt " quaws tertia ad quartam ,

=" etiams componendo prima & [ecunda ad
™ [véundans maiorem proportionems babe-
bum,qum I’tﬁm‘& quartu ad quamm.

S
w &

H Abeac’A B'ad BC maiorem ptopoftie.
nom , quamD EadEF. Dico& ACad

7 - CBmaiorem haber?

amD Fad F.E,. fit

ﬂA Bad BCiidalia
GEadEF: acrit G R ""”
maior qui D B.Quia by 5-

o . igicureft,vcABadB 8"’.
C ;ita G Ead EF* berit companendo,vt ACad | '. .
C3B;itaG FadFE..o Sed GiFad FE maiorem 71
propestionem bahet,quam DFadFE. Brgo &
-A C ad C B maiorem habet proportioné , quam
D E a.d FE. ngd oportun demonfirare.

:,- ‘o QodeBadBC mine
A ‘ j. S .Y c xgm proportionem habeat,
t-ﬂ——-ﬁ-u——-cn p = ‘quamD Ead F.S:! d Ragebxdt dprop;
1¢ 4 w aumcomponen ) ad 18.y.
"""""".‘"H C B minorem, quam D F ad "
-+ BE-Quia enimABadBC
minorem proporuoncm'lubet squam D EadB
F;6tvt ABadB Cjitaalian GBadk F, feritea eprop:
shinorquam D Eergo i ACadCB, itnerit G 3— r» -
MPz‘kd GJF ad FB minorem_habet:pro-
s L ¢ por=

L7 T
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portienem,quam DFadFB. Ergo&AC ad C
Buminorem habebit ,quam D Fagd 38.

 Propol.29. Theor. zp.
Siprima ; & fecunda ad fecundams maiorems
habeat proportionems , quam tertia > &~
, quartaad quartens,babebit & dinidendo
© prima ad fecundam maiorem propersio-

. mem, qmuu sertiaad qumm .
st i
e Abeat AC ad
: e £ B maiorem
- 9_5 B. vl progqrﬁm, ‘quem
.. D " E R D E:adF E..Dica & .
e h—-l——-o--l - ABad-Ee'mmrim

- habere , quam DEad
EF VtemmDFadFE itafitabia GC adC
aprep. B, aecicque G C minor,quam A €; % dividen~
$.5. doeritGBadBC ;v DEadBF. b fed ABad
b prep. B C maiorem propcmoncm ‘habet, quamG B
8.5, A::li Bg Ergo &hAB
ad B Cmaiorem habe
- GA B C "git,quam %Eadﬁ F.
PR - Siveroe ACad CHB
'D __E. F . minorem habeat pro=

. | e |
D o pomoheih,tluam DE
-~ ad F E3 habebit & dijui

: dendoAB’adB Cmmorem » quam DEadEF.
. €prop. Sienimficve D Fad FE;.itd aliaGCad C B,é
$.5< . eritGC quam A'Cmaior, d eritque dibidendo
dyrep. GBad BC,vi DEMEF. ‘Haberautem A B ad
87.5. BC ‘miner¢m gropomoncm, quam G 'Ca::
0.y ]
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C;habebit ergo&ABadBmenorem ,quam
DEIdER . L l(\. T

bk

, l‘,rgppofk 30. _.Theor. 30.

Si PNM & fecunda ad [ecundans maiorens
propovsionem babeat » quam. tersia s &
guartaad quarmn,per conucrfionem ra-
tionis prima, & jecunda ad primans mi-

, ;marems babebis qmm tevtia > & qnmd

. cd umm. : .

Y g Abe ACad
R +BT maiorem
ot B ro monem,quam
+ ot t—emee” D Fad FE. DicoC
. P E & ‘K A ad A B minorem
ittt :
, . habcre;quamFDad
B C DE. Sicenimve A
"D GBE  CadCB;fic DFad:
Fre——— aliam ¥ Gy« quze mi- (?"f'
nor erit.quamFE, b 8.5.°
Quare per conuerfio- b corel,

' nemrationis, vt CA 19. So
adAB: xtaentF DadDG.cfed FDadDsz- prore

Fr—

_ norcm proportionem habet, quim F D2d DE. 8. 4.

Ergo & C'Aad A B minorem habebit, quumF
DadDE« Quod iA € ad CB minorem pro-
portionem habeat, quam D F ad F E; habebit
pét conuerfionem racionis C A ad' A B maio=
rem,quam F D ad D Eserit enimve A CadCB,
inDFad maiotem quam] F B‘ rchquammfe&n '

FUND AP0 PO S
[ 3 ¥

it 8 . T ,t.o_/
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Propof. 31. Theor.31.
3i prima ad tertiam maiorem proportie-
wem babeat ; quam [ecunds ad quartam ;
babebit etiam prima dd tersiam maio-
*vems,quam prima & [ecunda ad tevtiam,
& quartam. o

S ‘ Abeat ‘A B
A 8 ¢ L1:dDEma
bttt csemeq  1OFCIM Proportioa
® . a0 'F  nem, quam BC
————tewdet  3d E F. Dico &
E G. /ABdDEma

¢ . "ue- ioré habere, qui
ACadDF, Sitepimvt ABad D E; ira BCad

aprep. aliamE G, « que minggeritquamEF. b Er

3.5.

tota AC adtotam D Geftvt AB ad DE.¢

bprep. A € ad D G majorem proportionf haberquam
‘33. 5. ad DF:ergo A Bad D E maiosé habebir; quam
eprop. AC ad D E.Et manifefium eft totam A C ad to-
8.5, i tam D Fmijnorem habere,quam ABad DE, &

£ minor fic propottio partis, totius maior erit.
Propol.33.Theor.32, . . .,
Sitota ad totems maiorem babucrit proper-
- sionews;quam ablata ad ablasamsbabebis
" & religua ad religuam maiorem guam
., Sotaadsotam, ch e e
L. Y Abeat ACad D Fmsiors propertiosem

A quamABadDE.Dice &gliquamB C
e ad rce



LIXYBER V. 17y

ad reliquam B F maiorem habere,quam A Cad

DF. SitenimviACad DF, ita ARad D G.a 3 PP

ergo & reli-

19. L 0%

Ph L maa T ua BC adre -~

. . . N - BT i 055}‘8&,
A —— B c v_tq ACadD
k- I g E F| . F.fedb BCad
T el E F maiorem
o proportion€
habet, quam 2d F G, Ergo & B Cad E F maio-
rem habebit,quam A Cad DF. Siverd A Cad
D F minorgm propottionem habear ,quam A B
ad D B/& reliqua B € ad reliquam E F min6rem
habebit,quam A C ad.D F,quod codem, quo fe
pra;modo oftcadetug o - o

" propof. 33. Theor33. . .
8i fint tres magnisudivies, & aligipfis nus

- mero aquales » babeatq; prima. prioruws
ad fechdam maiosé proportionens » guans

b
iy

_ prima pofieriorum ad [ecundam; fecunda

~ werd priorsms ad tevtiams maiorem ba~
beat quam [ecunda pofleriorums ad ter-

giam:etiam cx equali primapriorums ad

sertians maiorem babebit s quam prime
pofieriorsm ad sevtiam .

Abeat A ad B maiorem propértionem ,

am D ad E, & Bad C maiorem , quam

Rad F. Dicocxzquali A ad C maiosems habe-
A I y _“ . ) ) u

L
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. vequim DadF. Cunvenim'A ad B maiorein

» o propettioncm hab
aprop. £ .

i

Y
i

F TN
Yoo,

DEF

¥

BER V.

eat, quani Pad B,«habebit
permutando A ad D maie.

. remquam Bad E. Eteadem
"yatione”B ad E majorem,
rqwem € ~ergs A ad D

darem Hahet quam. Cad
;:zg‘ permutando Aad C ma
jorem habebit, qui D adF.

* Quod oPorfebat"dem.ﬁn_‘

S { FUS

- Quodfi prima‘priorim ad

o fecundam’ minorem habeat

proportientm ;" quam prima
pofteriorum ad fecundam:
fecunda vero priorum ad ter
tiam mimnorem habeat;quam
fecunda pofteriorum ad ter-
tiam . -Similiter demonfira-

biwethln exzquali primam priorum ad ter-
tiain minorein proportionem habere,quam pri-

-nnpwmadterﬁm.

PR g

i RN

T avews




EV CLIDIS

ELEMENTVM
S- E XT 'iv’xM’.
e ,'v"‘ D‘ﬁgiﬁom. AT

S Coe e CLaee
2 Imiles figurz reilinez funt, que
: 5 . ﬁngulos angulos glquales habent,&
# tera @yca xquales angulos proe
. pomq%»f.-g?;n/mﬁ Jum propef.
g.oriangule L BC ZZEEN :
~ 3 Reciprocx fifuray'funt , uando in veraque
figura antecedenses , ‘& confequentes rationes
funt . Vegropefire:fumbignra 4 DBF,BEC Gyin
quibns amece s funbD By & B,\cwﬁ mentes B By
BE.&r propof 15.sviangwla ABC, A D K, in qwibug
wsecedenses [l CoAy A Eonfequenses £ Dy A B;
13 Extremaacoedia: zattene linex re&a fer
<aridicitur quando ¢ft ve tota admaiorem pore
tionem § ita. maidr postio ad minorem . Hes. fé
Hiodewmfrask of propimi Jib. 3. ingua lima A i
| B etvemade medin yaripnefeilp ol eSlque navellg
24 B ad maiorresportiongm A H, itamaioraf miney
wom BH.demonfirabisinatiambip6.prop-3on 3 . 3
.4 Alticedocuiviquere@ilinez gura efl pegs
pendiculatis,quz d vertice ad bafim ducitur, 23

propyf primasriangulornm A B B, 4B D AB |, gls
M‘t; P”d“'l”““‘c* T e
;" ¢ Proportio ex proportionibus componi dis
pitur,quando proportiomm quantitates 1ty &

¥

ape

2 B
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TS T A VI
EIRL St

s prep.
;8.3.

guléiplicats , aliquam efficiunit proportionem .

.% ¥ proporsione dupla O sripla ciponsne Jexsupla :
nam denominasor duple 3, duélns in denominaserem
tripla 3, facif 6. funs ansem iph denmominasorgs quanti-
sases proporsionum. .

'l;ropotx; Theor.r,
Triangule & pavallelogramma eandem bs-
bentia altitudinemsinser fe[unc s bafes,
LTI B AR SR S IR )

S
Ax)

v neoanlet

e e abn ’FA E ‘ . ‘

’!‘""44ar«,v R .

[TTARESEIRNY V4 ¥ & - \ -,

) A, . .

o HEGBC D K L
. B x A

PRV RN SN S RN R SRR BT \
S Intartanpuls A BC,A QD; patallelograms
-#aEC,C Fhabentia alsitudivern eandem,
pewdionlsrem nempe ex A B D du&am.
ico¥leg & trimmgulum A BQy adanangulum
A CD &pplielogrammum € ©,0d pasallelo.
::mun CF, v el bzﬁ_s'-_B‘C'»-g*biG? o3 - X
roducatns Bnimn B Dveviwqueia $;°L; hnt
bafi B C#¥quales B G,G'He bafiverd C D ql?::
eutiqité FKK 15 & idngankur &G4 H, A KA
L; CumqusBC;BG,G H'2qualesfinc) a:érum
&eriangald' AGH, A G:B; A B C-2qualia,
Quam multiplex ergo eft bafis H C hafeos B C,
tam dhbliiplex ¢t triangullin -A H'C triaaguli
A B C: Badem de canfa quimmultiplexeft L€
S bats
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bafisipfius C D, tam multiplex eft triangulum
ALCrrianguli AGD.Echibais HCbati CL
gqualis fic; erit & triangulum A H C; triangulo
A CL zquale; Ecfifuperet H Ciipfam C L,fit
petabit & tridgiluim A HC, triangulum ACL,

-& fiminor;'minus . Gum ergo quatuor fint ma«

-gnitudines,due bafes B C,C D;& dyo triangula
ABC,; A C Djacceptzq; fint bafeos quidem B
C,& trianguli A B C 2que- multiplicia, bafis H
C, &triangulum AM C. Bafcos verd €D, &
trianguli A C D, alia vicunque ,nempe bafis €
L;& triznigulum A L C: demonfiratumgq; fit

"HCexeedat CL, & AH Cexcedere ALC; & b def.
-fi Zqualisjequale; & fi minor,minus; b erit vt ba p *
fis B C-#d bafim C D; ita triangulum ABC,ad ’; s

stizngulum A CD." Et cum trianguli AB C ‘?:01; .

'td A'C D duplum parallelog@iimum F C, & 4 d' prep.
pirtes codém modo multipliciuth €andem ha-~ ".’,’
bediit proportionem, erit vérfiangulum ABC
ad'iangulum A C D; ita- parallelogrammum
B C,adparallelogrammum F C, Et quia demon-
@raturn eft'; effe ve bafin B Cad bafim C D, ita
triznguluny A B Cadrisngulum'ACD. Veves -

‘roABC idACD;itaE Cad CF;ecritveba- eprop,

£is B Gdbafim CD; ita parallelogrammum E 11. 4,
C Y;’r;ilél’ogrammhﬁe?,‘-f’n’mgula crgo& -
¢

“parallelogramma ; &c. ’Q’h_‘dd'bpixtuit demon-
e ey i [0 I0R AT TLURN T
Ylfgn L W et e b

- 17

Y.

B - - Pre-
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L RIS FYPIET I \' K cue et _(,‘
- Pro of 3. ‘Fheor, 2, - 2 < #
.ﬁ: i la!ezumpgrmnguh parallelgvelia dd-
ﬂa fuerit,graporsionalicer, fecobit triane
gulilaters... Ecfi sriangulilgeera. gro-
po rrionaliigr 20 fmﬁ wéml[gm
s mes compgm,. n :quo i pau[t!

- "u- i : R v 2,0
o . Jn’ ‘ ')"f' Jv;: ., ’:J,)/ 3 Al&l‘}; Cemd::
3 . RELTLY T : Ty “gwi A B¢
AR ,r ? A} -n‘ - &aj}.&u;}leh Dn.
g ey gxcocﬁ'e,qugad Fa

s i DajimGRMdE
o ::Jn)lr .'p“&" enin KE, €

b
-

LR,

Lopavil e
4y P ‘?:‘»,f; i BB zque can

S - 3 ‘.q-, uloc ,.h,‘l,
378 " B s € (agllm_ ea%cﬁm §a
. ap3d.TY q,‘, ,DE,&funum;fdem
; par:llehs D,E,,B » Alugd autem triangul wlum it
b prop. ADE. & Aegiplia asem,ad id€ candgn babeut
g8’ yropampugqut e3ge x¢ B D E trizngufing 24
3.1 ADEsia GDE riangulum ad dem AD B
iy i SRR AD By o i‘f’

DadDA.; emyfint af
3.6 guam perpfm‘cu?lﬂg; %*;fl E}\LB dféta

it,inter {e erunt vt bafes. Ob candem cauﬁm,

veeft trunguluw ADE;itaeRCE ad

dpre EAtdvtergo B Azmeﬁ CE ad EA.
P Sint jam trianguliA B Clatéra AB, A C pro-
33-5- portiogaliter fe@a, fitg; ve BD ad D A, ita C :‘

PRe
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ad E A. Du&aergo D E,dico illam ipfi B C pa-
ralellam efle, ijfdem enim conftruétis , cum fit vt
BPadDA,itaCE adEA; ¢ atquive BD ad ep:p.
D Ajitaeft triangulum BDE ad triangulum A *+©*
DE. EtviCEadEAjitatriangulumCDEad
idem ADE; fvtergotrigulum B D E ad trian- £ prop.
gulum A D E, fic triangulum € DE, ad 51. 5.
triangulum A D E. vtrumqwe ergo trian- .
guloum BDE, C DE, ad triadgulum A
-D E g eandem habet proportionem, gqualia er- g prop.
go funt, {untd; in eadem bafi D-E. hattriangula z 5-
zqualia eandem habentia bafim , in ij{dem funt hprep,
parallelis, ergo DE parallela eftiph B C, Sier. 40. 1.
go vni Jateri, &c. Quod oportuit déthonRrare .

‘Prbpof. '3‘. Thcér. 3.

Si trianguli angulus bifecetur,reélag; angu-

" lum [ecans,[eces & bafimshabebunt bafis
parses eandem proporsioncm , quamveli-
qua trianguli latera . Et fi bafis partes
eandem babeant proporiionemss quam ve-
liquatriauguli latera, qua & vertise ad

* bafim ducitur veca linea,trianguli angs-

. lumbifecabit. o

ESto triangulum AB C, & arigulus BA C
bifecetur re@td A D. Dico.cfle, ve B D ad
D C,ita BAad AC. Ducatur CE per C,paral-
lela D A,cuiB A produ@a in E occtirrat.Et quia a prop.
in parallelas A D,B Cre&a A Cincidit, s erunt 29. 1.

M angue.
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angull ACE,CA Dxqualesfed CAD,BAD
b ax,y, PORMtUr ®quales; berunt ergo & BAD, ACE
“*"*zquales . Rurfus cumin parallelas AD, EC in-
cprop. cidat B B, ¢ erit angulus externus B A D, zqualis

29. 1 interno A E C; oftenfus eft autem & ACE ipfi
davi. ‘ B AD zqualis: deritergo &
Cfro,q. B ACE zqualis ipi AEC. ¢
6.1 ‘ vnde & latera A E,A C zqua-
" lia erunt. Et quia trianguli

: ‘ B CElateri E C dua eft pa-
fprop. " rallelaAD; f erit veBDad
2.6, DC;itaB Aad A Ejeftautem

g prop. €3 - AEiph ACzqualisigefter-
7-5. B D c ‘ vgovtperaquCiga BAad
_AC. Sedeftoiamve B D ad D C; itaB'A
. ad AC,iun&aq; fic AD. Dicoangulum BAC
h bifecari re@i A D:ijfdem enim conftru&is, cum
PP v BDad D CitaB Aad AC: h&viBDad
% p C;itaB A ad AE (eft enim lateri E Ceriangu
li B CE du&ta parallela AD)eritve BAadAC
iprep. ita B A ad AE; i 2qualisergoeit ACipfi AE.
9-5- Kk Quare &angulus AEC angulo A CE ®qua-
Kprop. liserit. $ ®d A E C externo B AD eft zqualis;
6.1. m& ACE alterno C'AD;erit ergo & BAD
Lprop, zqualisiph C AD:ergoBA C re@i A D hife~
9-1. catur.$iergo trianguli angulus,&c. Quod oper-
mprop suit demonftrare. i

ag. 1. - .
Propol. 4. Theor. 4.
Acguiangulorum triangulorum: latere cir-
© ca equales angulos proportionaliafunt ;
~ Etlatera equalibus angylis fubtenfa,bo-
mologa s fineciufdem rationis, 4
Sint
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Inttriangula A BC,D CE zquiangula , 2
quales habentia angulos ABC, DCE, &
ACB,DEC, &
N BAC,CDE.Di-
N co latera circa 2=
quales angulos ef-
fe propostionalia;
& latera zqualie
bus angulis fubten
B Q {a,homologa.Cé~
' ponantur emm B
C,CEindire@um . Etcumanguli ABC,ACB
duobus re&tss minores fint , fit autem angulus D
E Cangulo AT B 2qualis, erunt &KABEC, DE a def,
C duobus redtis mmores acSeurrengergoB A, 1r.1,
E D produétz . Concurrantin Ficulfique angu b prep,
liDCE, ABCzxqualesfint, beruntred2BF, 3. 7,
C D parallelz . Rurfus cum anguliACB,DE cprop.
C xquales fint, ¢ erunt & A C; FE parallelz), 28,1,
ideoque F A € D parallelogrammum eft; derit- d prop.
que F A zqualis ipfi C D;& A Cipt FD; & cum 30. 1.
adlatus FE trianguli F RE du@a ficparallela A ¢ prop.
C,ecritvteBAad AF; itaBCad CE; eft au- 2, 6.
tem A F zqualis ipfi C D; vi fergo BA ad CD; fprop.
ita BCad CE; &g permutando,vt ABad BC; 7.y
itaD Cad CE. Rurfus cum C D, B F parallelz g prop.
fint,beritvte BCad CE;ita FDad DE. Eftaus 16.9. _
tem D F 2qualis AC, VisergoB Cad CE;ita hprop.
A CadE Dk ergo permutando,vc B Cad C A; 3. 6.:
jta CEad E D Cum ergo demonfiracum fic, ef~ i prop,
fevtABadBC;itaDCadCE. ViverdBC 7 5.
ad:C-Ajita € Ead B Djeritex  zquali ve B Aad X prop.
AC;raCDadDE. Aquiangqlorum__ exgo , &c. 16.5.
‘Quod oportuit demonttrare.: . lprop.
) M 2 Pro~ a:.5.
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Propol.5.Theor.5.

Siduo triangula latera proportionalia Ha-

* buerint, aquiangula erunt s habebuntque
angulos quibus bomologa latera fubten-
aunturs' kquales, ST

-

: HAbeant triangula A BC, DE F latera pro-

A portionalia,nempe, vt ABad BC;itaD

BadEF. BtveBCadC A;itaBF ad FD: atq;
vtBAadAC,itaEDad DF. Dico triangula

A B C,D E F zquiangula efle, zqualefque habe-

re angulos , quibits homologa late1a fubeendun-

- qur,vnde zquales erunt anguli ABC,DEF; &
aprop. BCA,EFD; & B AC;E DF. « Conftituantur
22,5, Cnim ad pun&a E,F re@x EF anguliFE'G,EF
31> Gzquales angulis ABC,B CA erunt ergo &

' reliqui B A C, E G F zquales : triangulaergo A
bprop B C,E GF funt zquiangula : & habent igitur la-
4+ 6. . gera circa gquales anguf:s proportionalia;eriit-
que latera 2qualibus angulis fubterfa, homolo-

©  “ga.BrgovtABadBG; itaBGadEF: Sedwt
€ prop. ‘A Bad B.C; ita ponitur; DE-ad [EF: ¢ veigimr
21, 5. PBadEF; itaGEad BF. Vtraque ergo-DGB,
ST . . B
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G EadEF candem habet proportionémn; d z- dprep,
. quales igitur funt D'E,G E. Eadem decaufa D F, ‘9. 5.

G F zquales erunt . Cum igitut DE,EG zdua-
les fint,communis E F: erunt due D E, E F, dua-
bus G E,E F zquales; & bafi{ D FbafiG F ¢qua-
lis; e eritergoangulus DR F angulo GE b - ¢ Propi
qualis; &triangulum D E FrianguloGEF 2~ 8-1- -
quale; & reliqui anguli; reliquis, quibus 2qualia
latera fubtenduntur: anguliergo DFE, GFE
funt 2quales; item E D F, E G F: & cum angulus
F E D zqualis ficangulo GEF; & GEF iphi A
BC;ferit& A BCiphiF E D zqualis. Eadem fax.s.
de caufa erit angulo A C B zqualis angnlus D
F E; &angulus ad A angylp ad D.triangula er-
go ABC,DEF xquiangula func. Siérgo due
triangula,fc. Quod oportuit demonftrare,

" Propofes. Theor. 6.

Siduotriangula suum angulus wni ague~
bem> & circa aquales angulos laserapro-
portionalia babuerint, equiangula eruuts

 babebuntque angulos;quos bomologa la~
Scrafubtenduns,aquales.

Int duo trianguls ABC, DEF, angulos B

A C.ED F habentia zquales, & circa ipfos

latera proportionalia,ye BAad AC;itaED ad

DF. Dicotriangula AB C, DE F efle zquian-
gula, adeoqueangulum A B C angulo DEF; & ;
A CDipli DF E,zqualem habere. « Conflitua- 3 preg.
tur cnim ad punéta D, F re@z D Falterurian~ 23,3+

e - M 3 gl
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gulonmBAC, EDF zqualis F D G; angulo

vetd A C B-gqualis D F G erit igitur & reliquus
" ) - ad B, reli-

quoad G¢-
qualis b tri-
angula er~
go A B C,
D GF funt
equiangula,
Eft ergovwt
BA adAC;
ita G D ad
s il D F: ptzm'-
. tur . auté vt
BAad AC,itaEDadDF;ergovtEDadDF;
€ jtaeft G Dad D F;czqualisergo eft EDiphG
2-5- D, communis DF, Duzergo ED, D F, duabus
G D, D F funt zquales, & angulus ED k angulo
d prep. € D F zqualis ; 4 eritergo , bafisEFbafiG ¥
8. 1. xqualis, & triangulum DE F triangulos G D F:
quare reliquianguli reliquis ®quales erunc , al-
ter alteri , quibus 2qualia latera fubtenduntur.
- Angulus esgo DF G zqualis ¢t angulo DFE;
& quiad G illi ;quiad E. Sed DF G zqualis eft
eax.1. ACBangulo; eergo & A C Bipi D FE 2qua-
~ lisenit;ponitur autem & B A Ciphi E D F ¢qua-

lis : reliquus ergo ad B zqualis erit reliquo ad
triangula ergo AB C,D EF zquiangnla funt ,
$i ergo duo triangula |, &c, Quod oportws de-

menitrare. 7 o

b. prop.
1.

Yro»
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e

Propof. 7. Theor. 7.
Si duo triangula wnum angulum »niangs-
* lo equalems; & civca alios anguloslatera
proportionalia habuerint; religuorum ve
10 VLYUNQUE 5 ant MINOTEN 5 aut noN Mi-
novem recde> aqwiangwla erunt triangu-
la; & angulos, civca quos latera [unt pro-

portionalia, aquales habebunt .

S Int duo triangwe
) la ABC, Dn

- A D
‘ ' ~ F, habentia angulos
f! . BAC,EDFxqua-
, les s circa alios vere
GE F . ai:n ulossABC,DR
— . .. F latera proporstio-
B c J nalia. VCA% adB
QG;itaDEadEF,re
liquorum verd anguloriiquiad C, & F, primum
vtrumque minorem reo. DicoABC,DEF
trianigula s efle zquiangula ; angulumque AB C
angulo D E F; & quieft ad.C, illiqui eftad F,2-
qualem. Quod fianguli AB C, DEF inzqua- apref,
les fint; erit wnus maior. Sitmaicr ABC; & & 33. %
conflituarur ad punGum B reGx A B angulus A
B G,zqualis angulo DEF. Etcumanguli A,D g, prom.
zquales fint ; item A BG, D E F; b erunt & reli- I K
qui A G B,D FE xquales.triangula ergo AB G,
DEF aquiangula funt; eftergovt A B,ad BG;
ita DEadE F: fed vt DE ad EF; ita ponitur A €f7ep-
BadB C:ergovi ABadBCjitaelt ABadBG, ¢ ¢-
: N 4 dCum



d prep.
9- ’o

cprop,
. 1.

f prop.
¥3. 3.

gprop.

32.1.

hprep.
s O

iprop, .
I¥.3%.

kprep.

3. 1,
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dCum ergo ABad
vtramque BC,B G
A * eandem habeat pro-

D
portionem, erunt B
/ C,B G zquales . ¢
ergo & anguli BG
GE F C, B C G zquales
. erunt: At B C G mi-
'C nor reGto penitur ,
erit ergo & B G C
re&ominor: f quareangulus AG B ei deinceps
maior eritre@o : oftenfus eft autem @qualis an.
gulo Feerit igitur & angulus F maior re@o; at mi
nor ponitur, quod eft abfurdum:anguli ergo A B
C, D EF non funt inzquales : qualesergo . g
funt verd & anguli A, D zquales: ergo & qui ad
C & F zquales erunt , Quare triangula ABC,
D E F zquiangula erunt. Sit rurfys vterque an-
gulusad C & F non minor reo. Rico & e
triangula A B C, DE F ®quiangula effe , i jfdem
enim conftru@is,oftendemus retas BC, B G ef-
fe equales , vt prius: hervntigitur &anguli C,
BG C 2quales. Cumergo C re&o non fit mi.
por,nec B G C reo minorerit. Suntergo tri-
anguli BG C duoanguli non minores' duobus
re&is ,i quod fieri nen poteft s non ergo anguli-
A B C.DEF inzquales funt: 2quales ergo. Sunt
vero & anguliad A & D zquales; eruntk_igicur

‘& reliquiad C & F ®quales. Quarecriangula A

B C;D E F funt ®quiangula . Siergo duo trian-
gula; &c, Qliod oportut demontirare, -

¢

Pro-
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" piopof. 8. Theor. 8.

In rcﬂangulo sriangulo fi ab angulo veio ad
bafim perpendicularis ducatur , que ad
perpendicularems [unt triangula, & soti> .. .

Grinter [e fimilia funt, gRtt
; A I3 Sto triangu-
b, lum re&an-
el _ gulum AB C re-
&um habens. BA
B ‘ -D C . C, ducaturque ab

: AadB C perpen-
dicularis AD. Dicotriapgula ABD,AD C.&
toti A B C, & inter l‘e““:‘sgﬁ ilia . ;_&jﬁm}nim
angulus B A C gqualis fitangulo’ AD B; re@us
enim eft vterque: & angulus ad B cémimis veriq; .
triangulo ABC, ABD; 4 erit & reliquus A C 2 coldi-
Breliquo B AD 2qualis: xquiangula ergo funt8'™"€x
triangula AB C,AB D.bEft ergove BCre&id 3%- I+
trianguliABC fubtendens , ad B A reGum b prop,
angult AB D fubtendentem ; itaipfa A B angfi- 4+ 6
lym C erianguli A B C fubtendens;, ad B D fub-
tendestem apgulum B A D ,tri:;ngullisl_\;B‘.D. Et
ita A Cad AD fubtendeatemn angulum .B comi~
munem veriufque wsigngelt. Frianguld ergo A
. BC, ABD =zquiangula funt, habentquelatera
-~ circa xquales angulos proportionalia ; ¢ imilia c dofis,
ergo funt rriangula- & B C, ABD. Eodem mo- g,
do oftendemus triangulum A D'C triangulo A
B C fimile efle. Virumque ergo triangulum A
BD,ADCroti ABC fimileeft, Dicoquod &
e 1 inter

.
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p- inter fe fimilia -
S, #pABD,ADC |
tridgula.Ci enim
S apggliBD A,AD.
) o C © Credifint ,erunt
) ‘ = &a2quales: often-
‘,””" fuseft autem & BA D ipfi- C zqualis : d ergo &
BT €% veliquus ad B, reliquo D A C gqualis erit. Trian.
33. 1. gulaergo ABD,A D C zquiangula funt. ¢ Eft
¢ ergo, vt B D fubtendens angulum B A D triangu
4-6- 1i ABD, 2d D A fubtendentem angulum C tri-
anguli A D € zqualem angulo B A D; it ipfa A
D fubtendens trianguli AB D, angulum B, ad D
C fubténdentem angulum D A C trianguli A D
C zqualemangulo B; & itaB Aad A Cfubten-
temrectum AD C. Triangulaergo ABD,AD
C fimilia funt . Siergo in triangulo reQangu-
o, &c. Quod oportuit demontirare . '

’

2 Corollavium,

EX his manifeflum eft,fi in triangulo reQan-
[~ guloabangulo refto ad bafim perpemdi-
" cularis ducatur , ipfam inter bafis partes mediam -
proportionalemeffe . Etinter bafim , & partem
_ bafls, medim proportionale efle lacus , quod ad
artem.’ #sinser B CyB D mediws proporsionale,dr
latus B A, Inter BC,CD ) lasus D,

o, R

I R Y .
L . L Pre-

L

<
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Propof.9. Prebl. 1.
A dasa reilalines imperatam pertens
' anferve,

A O Porteat 3 data re@a AB,

“N imperatam partem aufer-

& AN . re.Sitauferenda pars tertia < Du-
FAD catur ab A re2a AC cum A B

quemcumque angulum cétinens ;
E & accipiatur in A C quodcumq; _
punum D, &« ponanturq;ipi A 2 prep,

B © DaxqualesDE,EC; ducatur CB, 3. 1.

( b eiq; per D parallela ducacur & b prop.
F.Cum ergo later1 B C trianguli AB C paral- 31. 3,
lela fitdu&a D Fjcerit ve CD ad PA; itaBF cgrop,
adF A. Eftautem D C ipfius D A dupla; dupla 2.6. .
ergo et & BF ipfius F A_tripla ergo eft BAip-~
fus AF. A data ergo reda AB imperata pars,
nimirum tertia A Fablataeft. Quod oportuic
facere, .

Propof. 1o, Probl.2:
Datam veéam lineam snfcélam 5 date veéla
feBa fimiliser fecare .

Porteat datam infeam A B fimiliter fe~

care, vefeQaeft A C, Sit A Cin pun&is
D,EfeQa. Collocentur AB, A C vt angulufn
quemcumque contineant , & ducatus C B; atque
per D, Eagantur ipfi BC parallelz DPF,EG; &
per Piph A B dusawur parallela DH K; & eris
isum-



188 LIBER VL
A vtrumque F H, HB parallelo-
a prop. grammum . « Sunt ergo tam D
N 34.1. H,F G;quam HK, G B 2quales
bprop. Eo\D & cum ipfiK Ctrianguli DK C
1.6. G H - dua fic parallela HE; b critve.
cprop. - CE ad ED; itaKHadHD.¢
34 L Eftauté tam K H ipfi B G; quam
dprp. B K © H Dipfli G F zqualis; eft ergo vt
2. 6, '~ CEadEDsitaBGad G F. Rur,
fus d cum lateri E G trianguli A GE du&a’fic pa.
rallela F D, eritvt EDad P A; ita GF ad F A:

oftenfum eftautemefle , vt CEadED, ita BG.

" ad'GF,cftergo vt CEad ED; ita BG 2d GF,
vtv'erb ED adD A;ita GFadFA: @a, ergore
&ainfe@a A B fimiliter e&a eft, vt {eGa AC,
Quod oportuit facere.

~ Propof.11. Probl. 3,

Duabus veElis datis tevtiam proportionalem
- nuenire,

SInt datzBA,AC, & po-
nitur vt angulum quem-
-cumque contineant. oportet
ergoipfis BA, AC tertiam
B proportionalem inuenire .
C Producantur AB, ACad D,
op. E punfa; & #ponaturipfi A
:P:’ Ca2qualis B ;. & ipfi BPCI;
bprops Iy dicatur parallela D E per D.
1.1 Cum itaque lateri DE trian-
¢ prop. guli ADE du@da fit parallela BC; ¢ eritviAB
2. 6. adDBsita A Cad CE; gqualiseft autem B D ip-
fiAC;efteigoviABad AC; itaAC ac})C E.
atis
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Datis ergo duabus A B, A C inuenta eft tertia
proportionalis C E. Quod opertuit facere .

Propof.12. Probl.4.
Tribus dasis rellis ligeis quattam propor~

sionalem inuenive .
‘Porteattribus datis
Ar— ' redtis A,B,C,quar-
BpP— . tam .prgortionalem in-
P ERCR— uenite . Bxponantir® duz

re&tz DE,DF continen~-

tes angulum qyemdunque
EDF: &.a‘ponamrip%A a prop
zqualis re&a DG; ipfiB, 3+1-
re®a G E: & ipfi C re@a
DH;b atﬂuc ipiG Haga. b prop.
tur parallela E F per E. 31,1,
Cum ergo lateri B F tri-
anguli DEF du&a fic pa-
rallelaGH, c eritvt DG c prop.
adGE; ita PH ad HF. ;. 6,
Eff autem D G zqualis ip=

S fiA,GE ipfi B;D Hipfi C;
eftergovi AadB;ita C ad HF. Trbus er

datis A, B, C inuenta eft quarta proportiona?iz

HE. Quodoportuic facere.
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Propol. 13. ?rob!. 5s
Duabus reéhis datis mediam proporsionalens
inuenire, '

It duabus davis &

J B,B ¢meda pro-

portionalis inuenier~

da . Ponantur in di-

reQum, defcribaturq;

A i B C fuper A € femicircu-

: lus A D ¢; « & ducatur

A prop : : i B pun&o, B D, ipfi

;l ‘A cad angulos ra&os,iundtis A 0,0 £.b Etquia
B prop. angulus A'D C reus eft; quippe in femicirculo ,
3t, 3[: eftque in triangulo re@angulo ex angulo re&o

cca:a D adbalim A ¢ perpendicularis du@a O B. cerit
;‘P,“’?' B D inter partes bafis A B,B ¢, media proportio-
"7 nalis. Duabus ergo;&c. Quod oportuit facere.

Propofitio 14. Theor. 9.
" wAequalium 5 & vnum wni angulo aqualem
" babentinm parallelogrammorum s veci-
proca funt latera , que circa equales an-
galos . - Et parallelogramma , quie ynum
i anguluin equalem babent s & que-~
rum veciprocantur latera civca aquales -
angulos,aqualiafunt, . o

Iu:‘parallclo?amm AB, B € zqualia , ha»
S bentia angulos ad B 2quales, poﬁ:gqu; ﬁ;c

£d

ST s e -
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D B,BEindire&um, aeruntergo & F B, B G in 2 Colfs«
dire@um « Dico parallelogrammorum A B, BC ginw e
latera, qu circa zquales angulos , efie recipro-13,14, .
ca. Hoceft, efle viD Bad RE;itaG Bad BF. & 1y.

1.
A F
: -]
0B |
GC

Perficiatur enim parallelogrammum F E.Et quia
A B, B C parallelogramma zqualia ﬁ.mt_,/a?il:td ‘
aucem quoddam eft, F E: beritvec A Bad FE; ita b prop.
BCadidemFE.cfedvtc ABad FE; itaeft B 7-5.
adBE;& vt BCad FE;itaett GBad BF. d Er. €prop.
goeftve DBad BE; itaG Bad B F. Parallelo- I-6.
grammorum ergo AB, B C e latera funt reci- dprop.
proca.f Reciprocentur tam latera , quz cigca 2 11 I-
qualesangulos ; ficqneve D Bad BE; itaGBad © def.
BF. Dico parallelogramma A B, B C zqualia: 6.1,
efie. Cumenim fitve D Bad B E;ita G Bad BE. fdef. »
gEtve DBad BE; ita ABadFE; atquevt GB 6. -
ad BF; ita 8Ciad B-Rkrit ve A B ad.FEyita 8C .8 prop
ad idem F E; hgquatia ergofuntparallelogram- 36
ma A B, 844 Aqualivmergo ,& vaumvai , &c. hprop,
Quod opoxtiis demvonftrare . C 95"

oS

. CpMBIEHY . . -
- Inden -

Pro



193 LIBER VL
R O R
«:© . % i.Propofitio 15, Theor. 10.
T AMequalium trianguloram’s & vrium angu-
" lum wni aqualem babentium , veciproca

funt laterg.y que circa equales angulos .,
Et t!iw&qua v.um angulum wni e -
qualembabent s & quorum latera que
ciria mquales angulos » reciprocarisur ,

[unt.«ynalia .

Inctriang.

‘la ABC,

A D E zqualia,
habeitq; voum
angulum BAC,
viuD AE 2qua
N <lem . Dico la-
AN . tera,quacirca
E‘ gquales siican-~
o - - % gulos,recipro-
: e effe - Hoceft,efle, vi CAad A D;itaE Aad
a Codi- p pPoninwur enim€ A,A D in dire@um;a erunt
BHE oo & WA, AB indireQum, & ducatur B D,
13-14: Cumigiur triangula A BC,A DE zqualia fint,
G5, fitqueatind ABD; b eritvt CAB ad BAD;jra
ADEadidemB AD: ¢ fedvi CAB'ad BAD;
itaeRCAadAD. EtvtEA D adBAD;itaeft
EAadAE: dErgovtCAad AD; itaeftE Aad
€ProPe A B.. Triangulorim e_r%o ARC, ADElatera,
’d‘  quacirca zquales angnlos, reciprocantur, Sed
rrep. reciproca fint jam latera triangulorum 4 BC, £
¥I-5- DE. EtficveC A£adAD; ta A ad A3, Dico
- ! trian-

ainiael 1

b prop.
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triangula ABC; A DE eflé zqualis. Tun&a
rurfus BD,eritve CAad AD; ita EAad AB,
efedvt CAad AD; ita eft triangulum AB C
adrriangulum BAD; vtverdB A ad A B; ita
triangulum E A-Dad triangulum B A D, Vter-
g0ABCadBAD; itacft EADadidemBA

e".
1. 6,

D:verumqueergo ABC, EADadBADean -
dem habet propoertionem:fgquale ergo eft trian £ prog,
gulum A B C, triangulo EAD. Equaliumer- g. §.

go triangulonim , &¢. Quod oportujt demon-
firdre,

Propofitio 16. Theor, 1 Y.
Si quatuor vella lines proportionales fue-
rintserit quod extremis continetur re-
- Elangulum > aquale illi quod medijs con-
- “gimetur veldangwlo. Kt fi re@angulum
extremis consentum s equale fuevic me~
dijs contento reclangulo ; quatuor ille li~
nea proporsionales erums ,

H

ey G
F*""A..Bl

D
- S Intquatuor re&te A B, € D,E,F proportio=
nales,vt AB ad C D; ita Ead F. Dicore=

&angulum A B,& F contentum,gquale efle con-

tento C D,& E. « Ducantur 3 punétis A,C ad re-
. ‘ N &as

)

3%.8%s
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b prop,

14.6.

€ prop.
14,6,

d prop

4. 6.

gl
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&as A B,C Dadangulosreftos A G} C H; fieg;
ipfiF equalis. A G:& ipfi E,ipfa C H,¢omplean-
turque parallelogramma B G,D H. Etquia eft,
vtABad CD; s EadF; &eftB'ipi CH; & F
ipfi A'G kdualis, eritve ABad C D; ita C H ad
A Gibparallelogrammorum ergo BG, D H la~
Beraquz circa kighales angulos funt,reciprocan

M

»Eq 2aq. 1
F™ A B

C D

tur': ¢ quorum autem parallelogrammorum -
quiangulorum lacera reciprocantur , illa 2qua-
hia (unc:parallelogramma ergo B G, D H 2qua=
lia func . Eceft BG, qnod A B, & F continetur,
(eft enim A G ipfi F zqualis) DH,quod CD &
E cotinetur(eftenim C H ipfi E zqualis.) Quod
ergo A B, & F continetur, 2quale eft ei, quod C
D &E continetur re&angulo - Sit iam quod A
B,& F continetur;zquale eiquod C D & E con-
tinetur, Dico quatuor re@as efle proportiena-
_les. Ve ABad CD;itaEadF. ij{dem conftru-
&is , cum quod A B, F continetur , zquale fitei
qnod g D,E continetur,fitque B G id quod A B,
& F continetur ( eR enim A G ipfi F zqualis) D
Hvero ,quod C D, & E continetur ( eft enim &

. ‘C'H iph E #qualisyerit BGipfi D H zquale:&
-~ funt zquiangula . ¢ Equalium sutem & =2qui-
angulorum parallelogrammorum Jdacers, qua
zirca zquales angulos,reciproca funt : Erit ergo
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vt ABa@ C D;itaE ad F. Siergo quator feéig

linez,&c: Quod oportit demonftrare. . 7 .
-Propof. 17. Theor. 12.

Si tres veCle linew proportionalds Taevint ;
erit quod extremis continetyy\ reclingu-
lum , equale quadrato qnod [ d media .
E¢ fi'quod extremis continetwr vellans
guivm aquale fuerit quadrato~quod 4
media fit, erunt tres linea illa proportio~ - - :
nales. . o

Int eres refe

. Y - W AB,Copr

: ' B tionales,vtA fﬁf

' P ——i itaBad C. Dico

A C quod A, C sontis
B """)"" netur zquale efle
—_— s—=—s eiquod exB. Po- *

[ " "natur D zqualis ip

fiB. Etcum fit vt

AadBsiraBad C;

A ' fit vero iple B zqua

’ lis D;.erit vt Aad
- Bsita Dad €, «Cum autem quatnor re@x pro- a prep,
portionales funt , eft quod extremis continetur 16. 6.
re@angulum , zcqualeeignod medijs continetur
re&angulo . Quod ergo A & C continetur , #-
quale eft ei quod B, D continetitr ; 2t quad B, D
continetur ;equale cft ei quod ex B; eit enim D
ip6 B 2qualis ; Brgoquod A,Ccontinetur, 2~
quale eft ei quod ex B quadrato . Sitiam: quad
R N a o A, C

N
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A; € continetur,gquale ei,quod ex B. Dico effe,
vtAadB; ita Bad C. ijfdem enim conftrutis,
S ed quod A, Ccon-
: tinewr xquale fit
Ut d e #iquod ex By &
X B quod ex B, zquale
D +=——1 eiquod B,Dcon-
I G ., tinctur, quod B, D

: - ©" mquales finr; erit
.._..'E. " n_!-)--! quod A, i cc;ntins

tur, 2quale ei quo
b """ . B,’D continetur. b
16,6, . _ quido autem ‘quod
A : extremis contine-

_ ' tur , zquale eft ci
qued continetur medijs , funt quacuor illz linez
proportionales . Eftigitur vt A ad Bjita D2d C:
#qualis autem eft Dipfi B: ergo vt Aad B; ita
eft Bad C. Si ergortres linex,&c. Quod opor~
tuit demonfirate . :

Propof. 18. Probl. 6.
Super datavefia linea dato reclilineo fimile
fimiliterque pofitum reélilinenm
defcribere . ‘
- Porteat fuper data A B dato re@ilineo C
2 prop. E fimile fimiliterque pofitum redilineum
23. 1, deferibere . Ducatur DF, & & ¢onflivuanturad
:** pun@a A, BreAz ABanguli GAB, ABG 2-
qualesangulis C,C D F;eritquereliquus CF D
b prep. reliquo A G B zqualis:triangula - igitur F CD,
4.6 GAB {unt zquiangula.b Bt crgo , vt FD ;d G
3 182
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B;itaF Cad G A; & CD ad AB.c Conflituan- c. prop.
tur rurfus ad pun@a B, G re&x BG anguliBG 23. 1.

G- H

A B

H,G B H zquales angulis DF E, F D E; erit que
reliquus E reliquo H zqualis : triangula-ergo B
DE,GB H zquian funt 5 d eftigitur vi F D dprop.
adGB; itaFE,G H; & EDad HB. Oftenfun; 4- 6.
antemeft ,efle iFDad GB;itaFCadGA, &
CDadAB; ¢ igitvtFCad A Giisael €D < prop.
ad AB; 8 FEadG H; itemque EDad HB. 'Et 4y, g,
cum angulus C F D zqualis fitangulo AGB: & . -
DFEipfi BGH: erittotus CBE toti AGH
zqualis . Eadem de caufa erit angulus CDE
zqualis angulo ABH. Eft vérd & angulus C:
anguloA; EtangulusRangulo H zqualis : -
quiangula ergo funt A H; C E,habentque latera.
circa zquales angulos proportionalia®ifEf igi-: £ def,
tur A H re@itineum fimile imiliterque pofimm ¢, 5,
re&ilineo CE. :Super data ergo re®a lines,&v,

Quod oportuis facere . o

N ¢ Mo
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. Ii'r’t)pbf.xp.‘ foéor. 13.
Similia triangula inser fe {unt in dupla pro-
portione [uorums laterum .
> "

Int ABC,
: DEFtria
: igla fimilia ,
abentia an-
gulos B’( E 2
uales; fitque
N SR vi A B ad B.
. C; ita.D] Ead
i EF, vt laters
B ¢ © BC, E F fine
: R ~+  homologa,
Dicotriangulum A B C ad triangulum DEF.
duplamhabere proportionem eius ;quam habet
aprep. BC4AdEF. « Sumatur enimipfarum BC, EF
1§, 6. tertia proportipiialis B G3 . ve fit quémodoB C
adEF; ita EF ad BG; ducaturqueG A. Cum
b df. igitoricvt A Bad BC; itd DB ad EF; b_ eric
* permutand@ vt & Bad D Byita B Cad EF,fed ve.
19 5° BCadEFiae EFad BG:'ergove ABad D
E;ita et B Fad B G: Triangulorum ergo ABG, |
" D EFlateracirca 2quales. angules reciprdcanm:
tuz. - Quoruni'zutem triarigulorum’ voum angie
Jum vni zqualem habentium latera circa zquaw
les angulos reciprocantur , illa 2qualia funt: ¢
* ¢prop. triangula ergo DE E, ABG =qualia funt. Et
t5.6. quiaeft ve B Cal EF;ica E Fad B G; quando au
d def. temtres linex proportionales funt , 4 prima ad

20. 5. tertiam duplam preportionem habere dicitur
eius ,
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cius , quam habet ad fecundamis B C ergo habet
1d B G duplam proportionem eitls, quam habet
ad E F. Veverd B'C ad B G;eita =ft triangulum
A BCaduiangulim A B G: hibztergo trian< & prep
gulum A B C ad triangulum A BG duplam pre 2 6
portionem eius,quam habet B C ad EF. Eft au-
tem triangulum A B G ®quale triangulo DEF:
habet ergd'triangulum A B C ad triangulum D
E P duplam proportionem eius, quam habetB
C4dEF. Similia ergo triangula , &c. Quod
oportuit demontirare. L.

Corollarium.v

X his manifeftum eft, fi tres linead proper-
tionales fuerint; efle;ve primi ad certiam,

ita triangulum fuper prima defcriprum ad trian-~
gulum fuper fecurida fimile familiterq; Jefcriptii:
Oftenfum efk enim 5 ve.eft. CBuid B Gs ftaefle
teiangulumi A'BC ad trifiguiuin AiB G, hist eft;.
%g triangulnin. DEEF. Quod oporituic. demort.

rarc. ' tav .

- Propdf‘-zd. fﬁ:br.n;. '

- Similiapolygonain fimilia thiangula dini- .

duntur; ¢ numero equalis: & bomolos
gatotis 3 & polygonum ad polygonum
duplgm babes progereiuném:einss quams - -
babét latus’ homologum ad latni homo-
logum,y T

>& fit lawis.A B homelogusti ipfi F G. Dis

Si{t. GnSiiia pot gdnaABCDE,iFGHK o
. N & 4]

L
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co polygona ABCDE, FGHKL infimilia
triangula dinidi,& numero 2qualia,& homolo-
gatotis: & polygonum AB C DEad polygo-
num FGHKL d‘uplicaum habere propertio-

A F

iy g

nem eius ; quam habet AB ad FG. Tungantue

enim BE,E €,GL, L H; & quia polygonum A

BCDE fimile eft polygono FGHK L; erit

angulus B A E equalisangulo GFL; &eft, vt
BAad AE;ita GFad FL, Cumitaque duo fint -

triigula ABE, F G L,voum angulum vni 2qua-

lem, & circa zquales angulos latera proportio-

aprep. nalia habentia , « erune ipfa zquiangula,ideoq;

6 6. & fimilia: 2qualis eft ergo angnlus A B E augulo

. FGLseft verd & totus ABC,totiF G H ¢qua-

b ax.3. lis, propter fimilitudinem polygonorum ; b reli=

quus ergo EBC, reliquo L G H zqualis erit.

Et quia propter’ fimilitudinem triangulorum A

BE,FGL,cft,vtEBadBA; ita L GadGF,

Sed & propter fmilitudinem polygonorum, eft

€PoP: vt AB adB C;itaFGad G H: cex zquali ergo

23.5. et ,EBad BC;italGad G H; latera ergo.

- . cirea
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circa zquales angulos EB C, L G H, funt pro- -
portionalia; zquiangula d ergo funt triangula E
B C,LG H;quare & fimilia. Eadem de caufa 6";’ .
fimilia funt, triangala ECD, LHK: Similia
ergo polygona ABCDE,FG HK Lin fimilia
triangula , & zqualia numero dinifa funt. Dico
& homologa efle totis, hoc eft, proportionalia,
& antecedentia quidem ABE, EBC, ECD;
ConfequentiaverdiplornmFGL,LGH, L H
K; asque pelygonum A B CD E ad polygonurh
FGHKL duplam habere proportionem eius,
quam habet latus homologum A B ad latus ho-
mologum F G. Iungantur enim A C,F H. Ee
quia propter fimilitudinem polygenorum, fume
-anéuli ABC,FGHuaquales; eftque ve AB ad
B CjitaF G ad G Hjegquiangulaergo funttrifie ¢
gula A B C, FG H: zquales igitur funttam an- ¢, &,
guliB A C,GF H,quam BC A,G HF. Et quia '
anguli BAM, GF N zquales funt ,oﬁen&que
funt & ABM, FG N zquales; erunt & religui
AMB,F NG aquales ; funtergo triangula A%
M,FGN =zquian gula. Similiteroftendemos,
- &triangula BM C, G N H efle zquiangula. Eft
ergovtcAMadMB; iaFNad N.G. EtviBM
2d M C;itaG N ad N H; exfaqualiesgo eft vt £ prop.
AMadMGsita FNad N Hig fedveAMadM 22,50
C; ita efttriangnlum A BM ad triangulnam M B g prop,
C; & AMEadEMC; funt enimadfeinuicem 1. 6,
vtbafes ; & b ve vaum antecedentium , ad voum b prop.
confequentium ; ita omnia antecedentia ad om~ 1. §.
" piaconfequentia. Vet ergo trizngulum AMB
adBM C;itatrianguli ABE2d CBE:i fed vt i prop.
AMBadBMC;itacft AMadM C; Vtergo x. 6.
AMadMC; ita triangulum ABE ad. EI‘S C.
C Nadem



:

2302 LIBER VL
Eademde caufa yeft ve FNad N H; ita triangu-
mEGLadGLH. EtetviAMad M C;1ca

F,
S Ne
‘s ’B LG

& FNad N H;. Ve ergo triangulum ABEad BE
PP~ Cita triangulum FG LadGHL; K & permu-
X6+ 5+ vando, vt ABEadFGL;itaE BCadGLH.
Similiter demonftrabimus duéis B D, G K. Effe
vttriangolum BECad LG H;ita ECD adL
HK:&quineft,yt ABEad FGL;itaEBCad

Iprop. L G H; & E€ DadL H K:1 erit ve voum ante~
12, 5. cedentum ad voum confequentium ; ita omnia
antecedentia ad amnia confequentia : eft ergo

vt ABEadFG L;ita ABCDEadFGHKL:

1 prop fed | ABE:ad F G L dvplam proportionem has
Yo.6 " bet eius,quam A B latus homologum ad F G la-
m .""'P tus homologum . m Similia tnim triangula in
: 4 “dupla proportiore funt latexum bomologorum:
- 19+® habetergo & ABCDE polygonumad FGH
K L polygonum duplam proportionem eius,

. quamhabet A BadFG. Similia ergo polygo-

', ma,&c Quedoportuit demonftrare . Eodem
modo 1 fimibbus quadrilateris ofiendetur in

duphy
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dupla illa éfle proportione laterum homologo-
rum . « Oftenfum eft autem & ia triangulis. -

Corollarium 1, .

Niuersé ergo fimiles re-

A . &ilinex figurz ad fein-
F uicem funt in dupla proportio-

¥ neclaterum homologorum; & 6

I T ipfarupn A B, F G tertiam pro-

. aprop

19. o

portionalem fnmamus X, 6 ha- b defe

* bebit ABad X duplam propor
BG cionem eius, quam habet ad F

' " G, Habetautem & polygonum’
ad polygonum, & quadrilaterum ad quadrilites
rum duplam proportiddem eius,quam habet ho

10.5.

mologum latusad homologum , hoceftt ABad ¢ cor,

F G. ¢ Oftenfum eft autem hoc intriahgulis’, .
T [N I A B

- L Corollarism ;r%.’j a8 kX d
AR ! 1 I B !

V Niuérse etgo manifefturh éft';' f cres fuew
rint re@,effe vt prima eft'ad téftiam,ita

Prop.
19. 6.

Corol.

figuram 4 primadefcriptam, ad figuvint i fecua- - yprep.
da fimiliter deferiptam . Quod: oportuic ' de-.£5: 6+
o R

monfirars. ", @ -

-Oftendemus etiam aliter, & . expeditius trian~
gulaeflechomologa . Exp onantur rucfus poly~
gona ABCDE,FGHKL, ducanturque BE,

EC,GL,LH. Dicoefle vttriangulum A BE

ad trianghlomi FGB;itaEB'C ad L G H; & €
-DEad HK L. Cum enimtrigngula ABE,FG

L fimilia finr, « habebit ABEad F G L duplam 277
proportionémteins; qui habes lagus:BEadG L. 9+ ¢

< Ao . Hadem
s
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Badem de caufa habebit triangulum BE Cad G
L Hduplam proportionem cius , quam habet B

A
D C K 'H

EadGL. Eftergovt ABEad FGL;itaEBC
adGL H. Ruifus cumetriangula EBC,LGH
fimilia fint; habebit EBC ad L G H duplam
proportionem eius , quam habet CE re@a ad

HL. Eadem de caufa babet sriangulum ECD

. ad L HK duplam proportionem eius, quam ha-

bet CEad H L. Eftergovt BECadLGH;
itaCE DadL HK. Oftenfum autem eft , efle,
vtEBCadL G H;ita ABEadFGL; ergovt
ABEadFGL; itaefiBECadGLH; & EC

bprp. Dad L HK, & vtergo vaum antecedentivin ad
. 12+ §. vnum confequentium ; ita omnia antecedentia
ad cmnia confequentia ; & reliqua vt in prigri
demonfiratione . Quod oportuit demonftrare .

Propbf.z 1. Theor. 15,
Que eidem rectilineo funt fimilia, & inter
3 Jefunt fimilia .
' S I vtrumﬁuc m&ﬂimoru}hiA,?B'épﬁ C fimi.
A& le. Dico & A ipfiBfimile efle. Cum cnix;i:
: Aip
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A ipfi C fit fimile , erit & zquiangulum illi , ha-
bebit§ue Jatera circa zquales angulos propor-
tionalia . Rurfuscum B fimile fitipi C,zqui-
: angulum iili

erit , habe-
bit§ue circa
y 4 zquales an-
. ' ‘gulos latera
: proportiona
’ .. la:Virumg;
ergo ipforim A, B 2quiangulum eft ipfi C,& ha
bet circa 2quales angulos latera proportiona-
lia:eruntergo & A, B zquiangula, habebunt?’;
circa zquales anglos,latera proportionalia: fi-
nailia ergo funt. Quod oportuit demonttrare,

Propof. 23. Theor. 16,

Si quatuor reile lince oroportionales fue-
yint; erunt , & rectilinea ab ipfis fimilia
fimiliterque defcripta proportionalia :
Et fiveitilinea fimilia fimiliterque ab ip-

" fisdefcriptaproportionalia fuerintserunt
& ipfa proportionales '

S Intquatuor retz A B,CD,EF, G H pro-

portionales. VeABad CD; itaEF ad G 2 prop.
H, adefcribanturque fisper A B, C D fimilia, fi- 13, 5.
milicerque pofita reQilinea K A B,L C D. fuper
EF,GH fimilia fimiliterque pofita MF, N H.
Dicoefle,ve KABadL CD; itaMFad N H.
b fumatur enim ipfarum A B, C D tertiapropor b prop.
tionalis X; ipfarum vero BF, G H- tertia pro- 11,6,
: : poriio-
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portionalis: Q. Et cum fit vt AB.2d CD; ita B
cprop. FadGH&viCD ad X; itaGHad O: ¢ erit
22. 5. exequali;ve ABad X;itaE Fad O:.dfed vt A
d prop. Bad X, ita
19. 6- eﬁ‘ K.' A B
4idd L CD;
& vo.E Fad
" OyitaeM
F ad N H:
ergovt AB
- KadCDh
L,itaeftiM
H. radN H
. Sed fir vi K
ABadLC
D;ita MF
ad N H.Di-
coefle,yt A
B ad C D;
ita FE ad
: G H. Fiat
f prop. fenimvt ABadCD, itaE Fad PR, g defcri-
12. 6. baturquefuper P R re&ilineum SR fimile fimi«
g prop. literque pofitum ipfisM F;N H. Cumergo fic,
18. 6. vt AB aSC D;itaBF ad PR, deferiptadue fint
fuper A B, C Dre&ilinea K AB,LC D fimilia
fimiliver que pofita;fuper E F,P R verd fimilia fi-
militerque pofita M F, SR; ericve KA BadL
C DsitaM Fad S R: ponitur antsmvt K A B ad
LCD;itaMFad N H. HabetergoMF adN
h H, & ad SR eandem proportionem ; hzqualia
PP ergo funr N H, § R; fed fuint fimilia fimiliterque
95+ pofica;equales ergo funmt G H,PR. Et quia eft!,
vtABadCD,uta EFadPR; funt PR, GH 2.
- quales;

e cor, .

prop. -
26. 6.
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quales;eritvt ABad C D:itaEFad G H, Si er-
gto quatyor , re&z, &c. Quod oportuit denyon~
ftraxe, -

~ Lemma,

S o N Vod au
4 b 1€ qui-
‘ do ree

. &ilinea 2qua

H R G B liafimilia fue

.\ rint, ipforum
latera homologa »qualia fint, fic oftendemus.
Sint N H, SR zqualia, & fimilia ; fitquevi HG
adG Njita RP adPS. DicoRP,G H zquales

"efle , $inonserit vna maior . Sit maier R Pjcum
ergoficvteRPadPS; ita HG ad GN; aert
permutando,vi R Pad G H;ita P $ad G N:ma-
ior eft autem P R quam G H: maior ergo etiam
erit P Squam G N. Quare & R S maius eric,

. quam H Nifed eft illi zquale;quod fieri non po-

teft: Non eftergo P R maior quam G H.Quod

oportuit demonitrare.

Propof. 23. Theor.17.
" wAtquiangula pavallclogramma inter f=
proportionem babent ¢x latersbus
compofitams.

' S Int 2quiangula parallelogramma AC,CF,
zqualesangulos BCD,EC G habentia.

Dico illa proportionem habere,ex proportione
laterum compofitam ¢x 1lla nimirum quam :a-
oo ' e

aprop,
x6. 5=
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aprop, betBCad C G;& quam habet DCad CE. Po
14. 1. natur B C ipfi C Gindire&um; « eritergo & D
) C ipfi CE indire- °
» H &um,& complea-
tur parallelogram-
mum DG. Expo-
@ natur quedam “re~
- @aK,bfatqueveB
CadCG;itaKad
L;&veDCad C
E;itaLad M.Pro-
‘ portiones ergo K
F adL,& L ad M,e¢-
dem funt que late.
rim,BCadCG &
cdefis.D C ad CE. ¢ Sed preportio K ad M componi.
8. tur ex propertione K ad L,& L ad M; habet er-
go & K ad M proportionem ex laterum propor-
a tione compofitam . Etcum fit ve BC ad CG;
’;’P * dita A C parallelogrammum ad CH: & vt BC
I. 6. JdCG;itaKadL; eeritveKadL, ita ACad
€#7P- CH. Rurfos f comfitve D Cad CE; ita paral.
;" 5* lelogrammum C H ad C F;& vt D C ad CE;ita -
P';P' LadM,geritvt Lad M,ita CHad CF. Cum
B0 oitur offenfum fir,veKadL; ita efe AC 2d C
8P H; veverd L ad Mj ita C Had CF; heritex 2«
i" 5: quali, veKadM, ita AC,ad CF. AtKadM
£7% proportionem habet compofitam ex lateribus :
32- 5+ ergo & A Cad CF,proportionem habet come
ofitam ex lateribus : zquiangula ergo paralle~
ogrammum,&e. Quod oportuit demonilrare.

Pro-
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, ' Propof.24. Theor, 18. R

Omnis parallelogrammi que circa diame;
..grum funt parallelogramma , fimilia
: - f[un totis @ imser fe.

B S It parallelogrd

sanog ™ .mumA BCD,

diametrus A C,cir~

m caquam fint paral-

~ lelogramma E G,

HK. Dicovtrumq;
EG,HK toti A

- €D; &'inter fe fis -

C -+ miliaefle . Caenima - .-
adlams B C'trianguli AB C du@a fit parallela:
EF,ceritveBEadE Ajita CFadF A. Rurfus
cum ad latus C Drrianguli ACD du@a fitpa- , ¢
rallelaF G, erit v CFad FA; itaDGadGA.

Sedvt CFadF A; ita oftenfaelt BE ad E A: b bprep,
eigovtBEad E Ajita et D Gad G Atc compo- 1. §.
nendoergovt BAad AE; ita DA ad AG: & ¢ prop.
perdmutando ,vt BAad AD; ita AEad AG: 18. 5.
pardlelogrammorumergo AB C D,E G latera d prop.
¢irca commungm angulum B A D funt propor~ 16. 5,
tionalia - Cundue G F, D C{ parallek fint ,e € prop,
eruntanguli AGF,AD C;item GEA,DCA 39:1,
zquales; communis D A C: triangulaergo AD

C,A G F zquiangula funt . Eadem decaufa eriig -

& ABC, A FE zquiangula; totaergo paralle- =~
logramma A B C D, EG funrzquiangula ; f eft £ prop,
igiurve ADad D Csita AGad GF; &veDC 4 6
adCA;ita GFadFA. V¢t vért‘»oA CadC th;

SET

#
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AFadFE;&vtCBadBA; itaFEadEA. Et
quia demonftratum eft,eflevi D Cad C A ita G
FadFA. Veverd ACadC B; ita AF ad FE;
eritex zqualive D C ad C Bsita GFad F E.Pa-
‘ rallelogrammorum
ergcABUD,EG
E B la?era circa gquales
angulos siit propor
H tionalid; futiilia er-
go funt .‘Eadem de
caufa erit parallelos
' AV grammum K H toti’
, D C A B C D fimile:
‘ vtrumgq; ergo E G,
grop. KHtoti ABC D fimile eft. g Qua autem eia
21. 6. dem funt fimilia, & inter fe funt imilia : eftergo
B G ipA K H fimile Omnis ergo parallelogram

mi,&c. Quod oportuit demonfirare,

. Propof.25. Probl.7.
Bato reclilineo fimiles & alceridato aquale
: conflisugre.

- Tt dato re&illineobA ? C ﬁmilelconﬁimen-

% dum,zquale verd ipfi D. a Applicetur ad la

2 % s B Ctriangulo A B C gquale pgl:allelogum-
44! pumBE;adC Everd zquale ipft D,nimirum C
b prop. M inangulo FCE, xqualianguloCBL; b in-
4. 1. direGumergoerit BCipi CF,& LEipiEM.
cprop. ¢ Accipiatur ipfarum B C, C F media propor-
13. 6. tiomlisG H; & fuper ipfa ipfi A B C re@ilinea
dprop. dfimile defcribatur, & fimiliter pofitum K G H,
18.6, CumergofitvtBC ad GH, ita G H z'd.CP
© . quans
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{ quando enim fuering tres ere@z proportiona- ecel,
-~Jes,eft vt prima ad ternam;ita figura fuper prima 3 prop,
defcriptaad figuram {uper fecunda fimilem , imi 30, 6

R EL

. liter4s defcriptam) Eft er
K. govtB Cad CF;itatrid
ulum A B C adtriangu-
Jum K GH.fSedviBC £ profe
adCF,itacit BEadEF. , ¢
vtergogtriangulum A B g prop,
=, Cadwiangulum K GH; 7y ¢,
-G H e BE parallelogram b, yp,0,
: ~ mum ad E F patallelor 16+ §s
grammum:& b permutando,ve ABC ad BEjita © 7 7
et KGH ad EF. Zquale autem eft triangu-
lum A B Cparallelogrammo B E: ergo & trian-
ltmK G H 2quale e parallelogrammo E F.,
g:d EF zqualcet ipfiD: ergo & XG H ipfi D
el zquale .Eft ver6 & K GH ipi ABC fiile. .
Dato ergo retilineo,&¢. Quod oportuit facere, -

g O 2  Pre-

s
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Propof: 26, Theor1y.

8i & parallelogrammo parallelogrammum
auferatury fimilevoti fimiliterque pofi-
tumscommuneni ipfi babens angulum
circg eandems diamesrum ¢St toté o

Paralellogri
. mo ABC
D auferatur pa-
- .xallelogrammum
AF fimile toti A
- BCD,& fimiliver
 pofitum; commu-
nem dngulum D
A B cum ipfo hae
' bens. Dico AB
C Deirca eandem diametrum efle ip AF. Si
non . Sit ipforum diametrus A H C. & ducatur
H verique AD, BC parallela HK. Cum
- ergo ABC Dirca eandem diametrum fic ipl
aprop. X Giaerit ABC DipfiK G fimile . Eft ergo vt
14.6. D Aad AB;itaG A ad AK: ‘eft autem propter
imilitudinem ipforum A B CD.EG,vtD Aad
ABjitaGAad AE. ergovtbG Aad AE, ita G
t1.5. Aad AK;habetergo G'A ad vtramque AK, A
cprop. Be eandem proportionem , 2qualis ergo e AR
p.5. ipf A K minormaiori,quod Reri nequic, Non
ergo A B C D circa eandem diametrum eft ipfi
A H. Circa candem ergo diametrum eftiphi A
E.Si ergo 4 parallelogrammo,&¢. Quod oper-
1uiz dewnonfisage . ,

b prop.

Pre-
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Propof: 27. Theor. 20,
O'mnium parallelogrammorum ad eandem -
“rectam lineam applicatorum , & deficien
tium figwis parallelogrammis fimili=
bus » & fimiliter pofitis ¢i qua d dimidia .
defcribiturs maximum eft quod ad dimi-
~ diam efy applicatum , fimibe exifiens de-
feéwi, ~ :

EQa AB é bife- 2 profs

N\ ceturin C,&ap 10.1.
glicetuv‘zd E ) re&g

pardllelogrammum #
A D deficiens figura lecigs
parallelogramma: D'
B, fimoili ¢ & fimiliter
pofita ei, quz 3 dimi-
diaipfius A B deferi-
ptaeflt, Dico omniil
parallelogrimorum
ad A B applivatorum,
) - . &deficientim figuris
parallelogrammis fimilibus, fimilicerque pofitis .|~
ipfi DB, maximum effe A D. b Applicetur enim bprep. -
adreGam AB parallelc;ignmmum AF, deficiés 44 17
parallelogrammeo F B fimili imiliterque pofito

ipfi D B. Dico A D maius effe ipfo AF. Cum cprep,
. enim D B fimile fitipfi F Byc erunt circa eandem 26, ¢,
diametrum » Ducatut illorum diametzus D B, & . d prop,
defcribatur figura ..d Cum ergo ipfi CF zquale 43.1,
tFE, ﬁ'commun'aypomwr F B, ¢ erittotum ¢ ax,x.

— 4 Q ¢ .

r
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CHtoti KE zquale. Sedipfi C H zqualeeft
CG cum A C,C B zquales fintjergo & G C 1p.
fiE K zqualeeft, Comthune C Fapponatur; &
erittotum A F gnomoni L M'N zquale. Quare
D B;hoceft A D,quam A F maius eft. Omnium
ergo parallelogrammorum,&e. Quod oportuit
demonfirare.

Aliter . Sit A B rur-
fus in C bife&a, & ap=
‘plicatum A L, deficiés
figura L B. Apflicc-
turad A B parallelo-
grzmmﬁ AE deficiens

guraEB, fimili & fi- .
muliter pofita ipfi L B
i dimidia A B defcri-
ptz. Dico parallelo=
grammum AL addi-
midiam applicatd ma-
. ius effe ipfo A E. Cum
aprop, CHMEB ipfiL B fimile fic « erunt circa eandem
20.¢. dismetrum,que fic E B perficiacurd; figura,.Quia

ergo LFipiL H 2zqualeeft, quud& FG
§pfG H fit zqualis ; F Ly quumEK
b -maius erit : b zqualeettautemL,
P FipfiD Limaius ergoeft D
431 - L quam EK; commu-
ne addatur K D;
totum ergo
see ey A L - .
"- toto AE maius eft, Quod"
‘oportmtderhons -
firare. @

Proe

»
i
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~ Propof. 28. Probl. 8, ‘
Aldatam reliam lincam dato reclilineo 4=
- guale parallelogrammum applicare defi-
ciens figura pavallelogramma, que fit fi
milis al:eri data . Oportet autem datums
rechilineumscni aquale applicandum efts
maius won effe eo s quod ad dimidiam ap-
- plicatur 5 fimilibus existentibus defeéli-
_ bus; & eo quid d dimidia, & eos cwi opor
. set fimile deficere .
o §obTE .
Tt re@la
data A

Bsre&ilinei

datum , cuf

oporteat 2-

qualeappli-

care, it C,

né mar’ exi

fiés eo quod

ad dimidid

- applicatum

eft,fimilibus
exiftentibus
defe&ibus,

. Cui' aucem
oportet fimi
le deficere,
fit D.Opor-
tet ergo ad

Qs AP
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A Bre&ilineo C zquale parallelograminom ap
plicare deficiens figura parallelogramma fimili
d prop, ipi D.aBi-
20. 1. ' _ fecetur AB
brp. 1y GO F inE &b de-
18.6. | . feribatur fu
per EB iphi
1 % fimile, fi-
. oL N R i
T < militerd;po
L fitum EBF
G complea
urque AG
parallelo—
- grdmmum :
quod ipiC
“aut zquale
¢ft;aue ma-
fus ob deter
minationé .
_ Si @quale,
faGum éft
quod jube-
- batur;appli
_catum enim
. PSERCR “eft ad AB
fe&ilineo C zquale parallelogrammum A G
deficiens figura parallelogramma G B fimilripG
D. Siverd HE myivseft quam C; erit & GB
.. maius,eum & B iph H B fit 2quale , Exceflni au-’
cprop * temiquo G Brexcedit C,c fiat zquale KL M N,
256 fimile fimiliterque poficum ipfi D. Et cum D fi-
mile fic ipfi G Berit & K M ipfi G B fimile. ficli
neaK LipfiGE;& LM ipfi G F homologa;
goia 180 G B xquale eft ipfis G, & K M; eit G
.. oo B;quam

[
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B; quam K M maius 5 eritergo & GElineama- .
ior quam K L;8GFsquam L M.d Fiatipfr K L diprop!
®qualis G X;ipfi L M ipfa G O, compleaturque 3, i,
parallelogrammum X G O P, quod-eritzquele;
& fimile ipi KM, fed KM ipfiGB fimileelt; ¢ eprop.
eritergo & G P ipfiG B fimile: ffuntergo G P, 1. 6.
G B circa eandem diatetrum , quz At G P B.& f prop.
deferibatur figura . Cunditaque G B &quale fic 36. 6.
ipfis C; KM, & GP ipfi K-My erit reliquus Y .
ghomon iph C zqualis, g cumd; O R ipi X S fir EF7°P-
2quale,fi cémmune P B addatur; erit h totum O #3-
B toti X B abquale. fed X B ipfi T EéRt i zquale , 7. 4%+
quod A E,E B fint 2qualesseft ergo & TE ipfi O "; b

wir, efic towm T 3%+ %

B a2quale,fi commune X § ad

S gnomoni ¥ wyua 73 &opn e
fufeﬁzq'i\alis:zb?:ﬁ ig6'T S ipfi C2diale. Adkax. 15y
datat ergo’'A B datd re&ilineo € gquale paral<
“lelogrammum ¥ $applicatum eft'deficiens figu

ra P B fimili ipfi D, cum P Bipht G P fimile fic,

Quod oportuitfacere.: . R

 FPiopef. 19, Probl g, .
4d datavsrelath dato reflilineo aquale pas
. vallelogrammuni.applicare s excedens
. Kgura parallclogramma. fimili
fe o oallevi dite, T
' Y data re@ta A B3& re@ilineutn C, cui opot
) -teatad A B.xqualeapplicare , ciii autem fi- 4
mile efle debeat exceedens tit D « Bifecetir AB 4 199+
inE;b defcribaturque fuper EB parallelograms= 10+ Ie
saum Gmile , fimiliterq; pofitum ip D; Equalé P Fror
verd verid; BF, &C & fimile jpliD ¢ fiac G Ha 18. @,
4 quo

.......
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¢prop. quod ipli F B fimile eric. . Sit autent datus K H
2§. 6. homologum lateri FL; KG i FB. Etcum

G H maius fic qui F B, erit & K H maior, quam

F L; & KG gnam F E; producantur FL, F E, vt

ipfis K H,K G pequales fiant,in M & N .complea

turque M N,quod ipiG H qg};ale, & fimile efts

dprop. ed ipfi G H imileeft E L;deftergo & M N ipe

. 25.6. iEL fimile;e funt'erpo circa eandem diamertrii,
eprop. quz ducatur, & fit F X, compleaturque figura .
26. 6. Qua cr]go G HramipfisE L, & C,quam ipiM
N equaleeft;ferit & M NipfisE L & C gquale.

~ fax3. Commune E L tollatur;& erivgoamon Y ipfi C
. zqralis « Cumque E.A1pGiE B fit xqualis, gerit

g‘g" " & AN1pfiN B 2quale.hoceft;hiph L O,com-
ﬁ * 1+ muneaddawr EX, erttquetotam A X, toti gno=
°P* mon1Y zqualé : fed gnomon ipfi C zqualis eft:

43- 1 erwergo & AX 1pfiC zquale. Ad dztam‘:rlgso
) T »
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AB, dato reilineo C zquale parallelograme
mum A X applicatum eft,excedens figura paral-

lelogramma P O fimili ipi D, i cum& E L iphi + P*P»

O P fimile fic. Quod oportuic facere,, -

Propof, 30. Probl, 1o. .. }
Datamreiiam lineans terminatam extrema.
ac mediarationefecare,

Porteat da«
tamtermi=
natam A B extre-

&

~A B quadratumB

T < ad AC parallelo-
~ grammum C D,

C |
L2 C T ‘zquale " quadrato
A ;c . B 'B%, exc‘édens fi-
gura A D fimili B'C quadrato , quz quadratum
erit , Erquia B Cipfi C D xqualeeft, fi com~
mune CE auferatur ; erirreliquum B F reliquo
A D zquale , funt vero , & zquiangula ; clatera SPreP-

ergo ipforum 'BF, A'D reciproca funt circa -
quales angulos : eftergovt FEad ED; ita AE
ad E B:& eft FE ipfi A C,hoc eft, ipfi A B 2qua~
lis& ED ipfiA B; quareeftve BAad AEjita A
E ad E B: d maier eft autem A B quam A E: ma-
iorergo ; & AE quamE B:efligiturre@a A B
extrefha ac media ratione fe@a in E; & maior
portio ¢t AE, Quod opoktiit facerd ;- - - ; ]
- . Alier.

24.6.

! diteia AP0
Defcribatur fuper 46- Io

C, b applicewrg; b prop,

29. 6,

14. 6.

d'prep.

145,
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Abitey. Opotteat re®am A Bextrema de me

e prop. din ratione fecare : ¢ fecetur A'B in C; vtquod
¥fi2. A B, B C.continggur ;! #qualefiteiquodex AC

- quadrato, Cum'ergo quod AB,B C contine-
fprop

tur zquale fit ei quod ex A C fit quadrato : ferit

$7.6. vtABadA C;ita ACad CB. Eftergo A B ex-

trema ac media ratione {¢&a . Qued oportuit
fageee .o. Tt
. Propofitio 31, Theor.21:
Intriangwiis veclangulis figutaqua fis dla
teve veblum fubtendente aqualis eStfign-
. visqua fiunt @ lateribus rellum continen
. sibus, fimilibus; fimiliserque defeviptis.

¢

PR S O U S

It triangulum re@angulum A'B C re8um ha*
bens angulum B A C. . Dico,id quod fit ex.

B C zquale effe illis,quz fiuntex BA,A C fimi~
libus fimiliterque defcriptis . Duratur perpendi=

a‘ﬁo}f ‘cularis A Dy a eruntque trianguls ABD;AD G
¥ 6. 3perpendiculari fa&a ,&toti A B C, &inter fe

fimilia . Comque AB C,ABD fimlia fint, erit
vt C Bad BA, ita A Bad B D; # quando autem
et ’ ' tres
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¢res fune proportionales , eft vt prima ad tertii ; boor.s.
ita qua 3 primadefcribitur figura adfiguram i~ prop,
milem 3 fecunda deferiptam. Veergo CBad a0. 6.

B Dj’ita eft figura ex C Bad figuramex B A, fi-
shilem fimilicerque defcriptam . Eadem de cau-
{a, erieve B € ad C D; itafigura ex B Cad figu-
ramexCA. ErgovtB C ad B D,D C;itafigu-
raex B Cdefcripra ,ad figurasex BA, A C de-
feriptas fimiles , fimiliterque pofitas: qualis eft
autem B Cipfis BD, D C; ergo & figuraex BC
=qualis erit figutis ex B A,A C imilibus fimili-
terque defcriptis. Inre®angulis ergo teidngu-
lis,&c. Quod oportuit demonftrare, Aliter. ¢
Cum fimiles figuge in dopla proporctigne fing
homologorum¥iterum , habebit figuri ex BC
ad figuramex B A duplam proportionemeius ,
quam habet latius B C ad B'A. Habet verd &

uodex B C quadratum , ad quadratiex B A
gu lam proportionem eius,quam habee B Cad

< prop,

20. 6.

BA. dVtergo eftfigura ex BG ad figurain ¢x dprep.
BA;itaelt quadricumex B C ad quadratimex 11. 3,

AB, BEademdecanfaeft, vifiguraex B'Cad fi-
guram ex C Ajitaquadratum ex B € ad quadra)
tum ex C A. Bft ergé vt figuraex B G xd higuras
ex B A, AGC;ita.quadracum éz B Cad qua-
dracaexBA;AC. Sed e quadratumy’’

. e

T

e BC:eft 2quale quadratisex -~ © T 47. 7,

' “BAAC: Eftergo&figu. - '

- faex:BCequalisfign - -
- . tisex BA,AC,

o fimidibus G- o

o oomilie o T
' terque deferiptis . Quod oportuie

- - -demonfirare. -

Pro-
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~* Propof. 32. Theot. 23,

Si duo triangula duo latera duobus latevi-
. bus proportionalia babentie s ad ynum
. anguluns compounantur, ita vt latera bo-

: mologd fint pavallela , vttillua lateva in
direchm erunt conflitutds > -

L]
b

B C - E
S Inttriangula ABC, D CE habentia duo

-latera B A, A C, dupbus.D C, D E propoy-

tionalia; YtABad A C;itaD CadD) E,fintq;

tam A B,D C, quam A C, D E parallela; Dico
CEipfiB G :in direGum ¢ffe,’, Cumepimin A

a prop. B,D'C parallelasre&ta A Cingidat , serunt an~
9. 1. gulialterni BAC,A CD gquales. Eademde
caufs & CDE, A C D zquales etunt;vnde & B

A C,C DE zquales funt, Cum igitur duo trian-

gula A B C,D CE vnumangujum qui eft ad A,

vni quieftad D zqualem habeant, & circa xe

quales angulos latera proportionalia, vt b BA

bprop. 29 A C,ira CD ad D E,zquiangula erunt:angu-
6-6. Jiigitur AB C,D C E zqualesfint . Offenfi aus
tem funt & A CD,B A Caquales. totus e(r:go

' ACE
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A CE duohus AB C B A Ceft ¢qualis:commu-=

nis A C B addatur;X erunt A CE, A CB 2qua=

les his,B A €,A C B,C B A:  fed hi cres duobus /"

re&is fupe 2qualesiergo & A CE,A C B duobus 32 1.

rectis 2quales erunt. Ad pun@tum ergo C re&z

ACduzre@zB C, CE non ad eafdem partes

pofitz , angulos deinceps A CE, A C B duobus

retis 2quales faciunt ; ind dire@umergo et B d prop.

C, ipli CE. Siergo duo triangula , &, Quod 14.1.

oportuit demonfirare. '

¥ropol3 3. Theot.23.

In aqualibus.circulis angnli eandem propor
tionem babent,quam pevipheria , quibys
infifbunt , fisie ad centra , fine ad periphe-
rias conflituti infiflant, Quin & | o~
ves, quippe ad ¢ensra conflusuti,

A

B :

¥ N equalibusrirculis A B C,DE Fad centra
G, H conftizuti fintangui BGC,EH F ad
peri?hetias BAC,EDF. Dicoefle,yt BC pe-
tipheria ad E F peripherid ; itaangulum BG C;
ad



a prop.
27.3.

224 L IBERIVL

ad angulum E H F;& B AICadED F; & infupér
B G C fe&otem adE HF feGorem .- Ponantur
peripherie B C gquales quotaingue deinceps €
K, K L: peripheri¢ E F quoteunq; zquales FM;

7o
4 . W
Foa e L. - o3

MN, duegsturgie G.K,G L; HM, -N. Cum
qrggppriyhe{{a CB,CK, KL xqualesfing ,a
erant & ahgili BGC,CGK, K GL zquales,
quam multiplex exgo eft peripherit B L petiphe
rix B C,tam multiplex eft angulus B G L anguli
B G C. Eadem de caufa quam multiplex eft pe~
ripheria N E peripheriz EF, tam multiplex eft -
angulus NH Ean ul)ihE HF. Sijgitur periphe-
riz B L,E N ¢quales funt,erunt & angali BG L,
EHN zquales: Ptfiperipherja-BL quamEN
maiof eft, erit & angulus B G'L maiorangulo
E H N;& f minoxr,minor . Cumigiter quatuor
fint magnitudines, duz peripheriz BIC,EF, &
dno anguli BG C, EH F; accepteque fint peri-
pheriz B C & angult BG C =que multiplices
periphetiaB L, & angulus B G L' Peripheriz
verd EF'& anguliE H F peripheria EN; & an-
gulus K H N, demonfirdtuimque fic fi peripheria
BL major fic perspheria E N, & angulim BG L

- angu.

3 -
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angulo EH N maiorem efle ; & fizqualis 2quas
lem; iminor, minorem : b Eft ergo vt B € peri-
phesia ad periphetiam E F; ita angulus BG-C
adangulumE HF. Sedvi BG CadE H Feira

"¢t B A Cangulus ad ED F angulum , vterque

enim virinfque duplus eft:ergo ve B-C ad E Fsita
etBGCadEH F;& BA CadED E.Inzqua-
libusergo circulis, & Quod oportuit demon-
firare. s - :

b def.
5§ 5.

C prop.
xfc ’.

. Dico praterea, vteft BC peripheriaadEF
peripheriam ; ita efle GB:C feGoremad HFE
fe&orem. Ducantur B-C, C K;accipianturque
periferiarum B C, C K punda X,0Q, & ducantur
BX,XC,CO,0K. Cumergé duz BG,GC,
duabus C G,G K zquale fint,angulofque 2qua-
les contingant : d erunt & bafes B C, C K zqua-

les igitur & triangula B G- C, G CK =zqualia 4

erunt; cumque peripheriaz B C, C K fint zqua-
les , erit & reliqua BAC peripheria reliquz C
A K zqualis ; ¢ ergo &angulus BX Cangulo C
O K zqualiserit, fportionesergo BXC,C O
K fimiles funt, & funt fuper zqualibus re&tis B
C, CK: gcirculorum autem portiones fuper 2-
e P quali-

d prop.
PR

e prop-

27. 3.

fdef
. ;.

gpnp-

240 3
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_ qualibus re@is conflitutz,zquales fune : portio-_

nes igitur BX C, C O K 2quales funt. Suntve-
ré & triangula B G'.C,G C K zqualia; totus er»

. go fedtor BG C toti GK C eft zqualis. Eadem

- decaufa, erunt feGores G K L, GK C.gquales:

tres igicur eftores BG C,CGK,G L K zqua—.
les funt. eandein de caufa, erunt & tres HEF, H.
FM,H M N =zquales.. quam.multiplex ergoeft
peripheria B L peripheriz C B, tam multiplex
eft fe&or G BL fe@oris GB C. Eadem de cau-
fa quam multiplex eft peripheria E N periphe-
riz E F,tam multiplexeft feGor HE N fe&toris
HE F. Siergo peripheria BL maior eft peri-
pheria E N, erit & feGor B G L maior féGore B
HN; Et fi zqualis, zqualis; & i minor,minor.

Cum igitur quatuor fint magniwdimes , duk pe-
ripheriz B C,E F,& duo feGoresGBC,EHF;
acceptaque fint peripheriaz B C, & feQorisG B
C.2zque multiplices B L perspheria, & GB L fe-
&or . Peripheriz verd E F,& fe@oris HE F, pe=
ripheria E N, & feGor H E N; demonftratumg;
fic fi B L maior fit quam E N; & feGtorem B. G‘}.

gdef, matorem efle feGore E H N; & fi &qualis,zquas

5. 5.

lem; fi minor minorem. g erit vt peripheria - -
B Cad EF .peripheriam; ita GBC
. feftorad gl EF feGoiéem. Ma-
nifeflum ergo eft,efle,vt eft
{e@orad feGorem, ita
apgulum- ad an-
3 .. gulﬂm.
* %
N . ., 1
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o "'.E'Zx'[ié'ro 1'3'; Euclidss:

Pronofiticog. -

Silatera hexagoni & decagoni gidem civen= |

" 1o infcripta componaniur y erit tota
compojita propoviicualiter felta, .

A T ffn:incirculo.DCBa.

latera B C decago~

ni, A C hexagoni in di-

re&um pofita . Dico to-

& . tam A8 in C propor-

D B tionalter efle feQam,

© . inajoremque portionem

efle A'C. Sumpto enim

centro E. iungantur re=

&zEB,EC, E A, pro-

- ducaturque E B in D.

Quia igitur B C latus eft decagoni ®quilateri,
eric peripheria BC D quimtupla peripheriz C
Bagitur C D quadrupla erit eiufdem C B, Vea
verd periphefia C D ad peripheriam C B;ita eft
angulus CE Dadangulum C B B. Quadruplus

aprop.
33-6-

eftergoangulus CED angult BEC. Etquiah bprep.

angulus E B C aqualis eit angulo B CEy erite
augulys D E C duplus angult E C B,cumue E C
re¢ize C A fic zquakis. ( veraqueenim eft zquahs
lateri hexagoni circulo B C D inferipti ) d erit
& angulus CE'A angulo’E A C zqualis: ¢ duplus
ergo cftangulus B ¢ Eanguli C A E: fed anguli
B CE duplusoftenfus eft angulus CE D: qua~
- st P a druplus

’o 1.
Cpref.
30. 3.
d prop.
§. 1.
e prog.
32, 1.
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druplus igitur eft angulus CED anguli C AE.
oftenfus eft autem & angulus C E D quadruplus
anguli CE B: 2quales ergo funt anguli C AE,
£ BEC. Trianﬁ lorum autem ABE, ECB an-
P oulusEBC eff communis ; £ erit ergo & reli-
3% '+ auus A E Bureliquo E C B zqualis . Quare trian-
8PP gula ABE, C BE funt zquiangula : geft ergo vt
4-® ABadEB:taEBadCB. Eft verd B E spfiA
C zqualis:igitureftvicAB ad AC; itaACad
hprep. CB: Maior autem eft A B, quam A C: b igitur
14.5. &ACquamCB. QuocircaABin C feGtaeft
proportianiliter,& portio maior eft A C.Quod
démonfirare opormuit . : :

Prof)‘dﬁcio io.

Sicirculo pentagonwm aquilaterum infers-
- batwrslatus pentagoni poterits & latus
T bexagonia @ latus decagoni,ei-
. dem civeslo inferiptorum.

R g Sto citculus ABCD E, cui pentagonem
% ®quilaterum A B CD Einfcribatur. Di-

. co latus pentagoni pofle & hexagoni, & de~
tagoni latus eidém circulo inferiptorum .- Ac-

" cepto enim centro F ducantur AFG, F B, & ex

F ad A B perpendicularis F L,quz producatur in

.+ H, iungaotrdue A H,H B, rurfufque 2b Fad A

H agacur perpendrcularis F L, que in K produe

., eawr,jungaturqié H M. Etquia periphéria A
a{;ap. BCG xqtﬁalise petipherie AED G, « quas
2% 3¢ rum A B Cizquabiseft AE D:eft igitur & reli-
© i qua GG, velique D G aualis . Eft aurem CD
- g penta<
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entaronisC G ergo Decagonierit. Bequia A b 4y
%F?;gb xquales ﬁl:t, f-porpendiculari F1, c erit 5. f
angulus:A F-H angulo' F B zqualis’, d ideo§s ¢ prope
' ’ - & periphehria 2:3.

- ~«--  AH periphe~ d prop.
> " rizHB.qzare ,6’*{
- 3
peripheria A
,. B dupla eric
E peripheriz H
B: igitur AH.
Jatus eftdeca-".
goni. Eadem
ratione A H

eripheria ip- -
: knmﬁw-i; us A K dup
& e, Quiaer-
I -+ ' go peripheria
A B peripheriz H B dupla eft; peripheria verd
C D peripherixz A B 2gualiss erit & CD peri-
pheria dupla peripherhe H B, Eft ver6 & CD
peripheria dupla peripheri@ C G: peripheriz
ergo C G, B H gquales fiint:fed B H ipfius HK
duplaeft, quod & AH. Igitur & CG ipfius H X
eftdupla. Eft autem periphcria C B peripherig
A B xqualis: ergo tota B G peripheria, periphe-
riz B K dupla eft:e vnde & angulus G F B,angy € prep,
liBEK dupluserit. Ef fverd & angulusG F 24 3.
BduplusanguliFAB,& g funt FAB,ABF 2~ fprop
quales: eft higitur & B'F M-angulus,angulo FA zo0. 3.
B zqualis . Triangulorumautem AFB, BFM gprcp.
communis eft angulus A BF: erit igitur & reli- 5. 1,
quus AF BreliquoB M F zqualis. Quare trian- hax 7.
geli ABF, BFM funtzqangula, i Ergoeft 1.
vt ABadBF; ita FB-ad BM: K re@angulum i pr-
/ €rgo 4
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Eprep; ergoreis AB,BM contenum zquale eft qua.
37.6. dratopfius FB. Rurfus!quoniam AL, L H =
prop. quales funt; communis-, & ad angulos re@os L,
“3.3. M;merunt & bafes HM, M A zquales. s Vnde
m prop. & anguli L HM,L AM zquales.erunt:fed o an-
4. 1. guusL AM,angulo H BM eft equalis : erunc
nprop. igitur & L HM, HBM xquales , & eft duorum
s.1. triangulorum BA H, H A M angulusBAH
o prop. Fommunis: erit igitur & reliquus A H B reliquo
27. 2. HM A zqualis. Tn:iangula»i&imr AHB,HA
pprop.. M funt zquiangula.p Quareeft, vt B Aad A H;
4¢ 6. .ita AHad A M, Re&angulum ergo q reftis A
qprop. .B,A M contentum, equale eft quadratore@x A
17. 6. .H. Oftenfum eft autem & reGangulum re&a.
rum A B,BM a2qualeefle quadratorectx B Fser

rprop- 80 re&angulum linearum A B,BM,cum re&tan-
2.2, gulolinearum A B,AM (r quz funt gqualia qua
;drato totius A B ) eft zquale quadrans ipfarum
BF,AH; &eft A B laws pentagont ; F B hexa-
-goni; A H decagoni : igitur latus pentagoni po-
- teft & latys hexagoni , & latus decagoni eidem
circulo inlgriptorh ,quod erac demonftrandum.

' FINIS.
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