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Persij Rofsij Heredes Curpd ferr &

Pt Vsizrvs hic artus,Spc:t
98 optime Adole{centes pau- - -

[ cisab hinc annis & maeni
- Euclidis vifceribus nel%xo
quo bono Machaone ex-

tratus; ac leuidenfa, vefte {cilicetcraffo,

& foloci filo , nifi mauultis centone con-

teCus; & quafi £xeeanor mifellus errans

Pcrﬁo Roffio Imprefiori forte , vt fit, in
t 2 itinere



itinere occurrit ; adeoq; illum fua in hu~

.iufmodi ¢tatula Parentum orbitate com-

mouit,vt prater indolem, quam vuleu, &
acutis refponfionibus optimam praefefe-
rebat , domum extemplo manu arreptum
deduxerit. Vbitrito, & fquallido illo
amictu reie¢to nouum Typis indumen-
tum,quanta potuit diligentia, circumue-
ftiuic,& modo quodam interpolauit.Sed
( heubreuem vite noftre fummam ) Per-
fius hic inuida nobis morte ereptus nen
potuit cogitata perficere; & illeapud nos
cius Heredes effe viterius non ferens fup-
plex , & lacrymabundus petijt , vt fe di-
mitteremus, & ad vos dimitteremus ,ne
priorem denuo forrunam dimiffus expe-
riretur, quod nemp¢ vos vni ingruente
nunc hyeme ipfum ardenti veftro 2 fri-
goribus ardore defendetis; fub-acri xij.
Virum, imo Patrum amantiffimorum cu-
ra, & cuftodia educamini; Prater czte-
ras Artes , quz iftic vobis traduntut, vna
eft Lingua graca, qua graci Pacris fui, &
Graciz Patriz {2pius recordabitur,eftis,

- & vos




& vos paruuli, & pares cum paribus facil-
limé congregantur, & apud vos demum
Mathematicus profitetur , qui bono ip-
{um nafo ne%uis malo audax fufpendat,
potéter vetabit,illud creberrime fuccines
Inncni Persum , [Pes , & fortunavalese o
Nilmihivobifcam , lndite munc alio,
Quibus auditis , & vehementer probatis
confcij in primis Perfianz voluntatis ,ec-
cead vosiam illum dimittimus , arden-
terq; obfecramus, vt qui ipfe, & nos ani-
mi letitia id facimus, eavos illum exci-
piatis;nos Clientes veftros protegatis; &
pijs Perfij manibus bené vique precemi-
ni. lllum igitur Ardentes humaniffimi
arridentes fufcipite pro certiflimo haben
tes, fi ipfuminter familiares veftros ad-
{ciueritis , nec nos obfequij , necvos faci -
vnquam in pofterum peenituros. Valete,
florete,proficite. Bonon.ex Laribus rio-
ftris Id. Nouemb, M. D C. XXIX.



YRSl ¥ as Mathefeos alias effe, veite
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APV | ﬁn’ﬁt Plfn, Gcometr:cmfé-
USRS /S Arithmeticam . bac pofieviore
Sxmsas) cam vicangue inflracta iom

Siudiofa inncutns wideresny ,
[Hpereras , vt cadem ¢ priove nfiymercesir .
1tag cxm de habenda aliqua Geomesvico-
rum Elemenroram Epitome cogitationem
[ujcepiffem, nihilg melius ipfo fummo Geo-
metra Enclide in mentem veniffer; caps fo-
- licitus, & mecum ipfe s & com algs quogwe
commnnicaso confihe deliberare , quemmam
POvifssmum ex taunta snterpresum snrma,
guam-
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guamqse ades invniseroms rationem En-
clidis pwblicandi deligerem . Mens vna fuir
omninmi , iuncntwtem nimia libri mole now
¢ffe gramandam - Recidewda ergo nece/farso
JSueruns primum fshelia , G commentatio-
nes aliems , quibms plerigne dum ingenio (4o
indwlgent maxime,minimé nobis Euclidem
ipfum veprafentarant . Twm deinde quo-
wiam Vix aliqgua apparebat tam religiofas
inserpresario;quamon ab Astere, fi [a lin-
gualogucntem andias, licentins fwbindes
recederes s eprimmms fadtum videbasur fiin
Lasinwm fermonems deintegro commertere-
~ #8r. Adcam egoproninciam posiquanm ag-
greffms fus 5 ilnd antigquiffimacure habui
vt quamlibes fimplici dictione , genninam
demonsirationens [intétiam ex Gracoprore
SJusexprimerem  fed proinfissnsabrenitate
erbi fic appenfis, vt lomgiorem alicwbi cir-
cum ductionem panllo byesiori gyro collige-
rem . Posteriores tamen librs guinti propo-
Sfitiomes o queniam in Ewclide defideranmny ,
Jrands non erit earwm loco Pappi Alexan-
driniex Commenmsarys Federics Comman-
\ dimi



dini fubfiswifie. Qnin ad difficiliores esiam
definsssomes brenicwlas notas eo confilio 4p-
pofwi, meimipfo fasim limime aut hereres
Lector , ant alinnde [ubfidium petere coge-
reswr. Denig, nonanms, & decimase propofi-
tioncm libri decimisertyy idcivce adseci, vt ff
quis Triangulorum Canonems , hac eff , T 4~
bales Sinwum , T angentivm, O Secantiom,
awt condere, ant conditas A Typographorsunms
non infrequentibus mendis vsndscare cupe-
ety id libelli-hniss anxilio poffes . Vale Les
Gor & bhis laboribus woitris ad Doigloriam
vrere, Bow.9. NosembaAwto Chrifts.1629.
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LIBER PRIMVS
ELEMENTORVM
 EVCLIDIS

- Libri Sex priores ex Graco fonte
' sranflati.

~ EVCLIDIS ELEMENTVM PRIMVM,

4

D:finitiones .

.1 Punéum eft cuius pars nuila .
2 Linea ,longitudo latitudinis expers’,
3 Line® termini funcpun&a . . - .

S 4 Reda linea ght,quz ex aquali
Do {llis interijeitér punétiss .
- _ s Superhcies eft , quz longinte
- dinem , & latiendinem cantii haber,
! 6 Superficie1 termini fimt linez.

"7 Plana fuperficies eft,quae ex 2,
. quali inter fuas lineas iacet.

8 Planusangulus eft, duarum lie
. * "nearum in plano fe mutuetigen~
tium , & né in dire@um iacétium
\/ alterivs ad aleeram inclinatio .
' Indsveitn u 1a.ere dicwmssr dum bie
pee guand.. ex s fit wna lineag.
o Silinez angulum centinétes,
. «re&tz fucnint, re&i lineus angulus
,f _ dicicur, - A 10Si




3. LIBER T
A 10 Sire&alinea fuper re&amcon
fiftens,eos,qui deinceps funt angulos
aquales fecerit , reGus eft vterque ®-
. qualium angmorum . Et infiftens re.
C™ B D &a,perpendicularis dicitur eius , cui
infiftic.

Linea A B confiflens fuver C D dicitwr

perpendicularis, Anguli A B Cy M B D dicunswarveddi ,
dicunisr queque angulideinceps .
‘11 Obtufus angulus eft, qui
majoreftredo.
12 Acutus,q re@o minor eft.
13 Terminus eft, quod ali=
cuius eft finis . ‘
14 Figura eft,quz fub aliquo,
aut aliquib.terminis continetur.
Circulus consinesur fub vna Linea civcuwlavi.

15 Circulus eft igu-.

ra plana, fub vnalinea

contenta, qux periphe-

A ria dicitur, ad quam om

B € neslinem ab vno pun-
&o-eorum,quze intra fi-

- . guram funt cadentes,x~

L qualesfunt. - — -
“18 Pun@um autemillud centrum circuli dici-
tlﬂ' .Mm -‘o ’

17 Diametrus circuli , eft quadam re&a linea
per centrum a&a , & ad veramq; partem periphe «
riz circuli termipata;quz & circulum bifariam fe,
€At .nemps linea B ¢, ’

18 Semicirculus eft figura 3
diametro , & intercepta circuli
peripheria contenta.

. ' . 19 Seg-

———— o el —




LIPER I 3
e | . T9 Segmétum circulieft, quod
‘Q dré@alinea, & peripheria circuli

‘ eontinetur, )
20 Refulinex figura funt,quze redtis lineis con
tinentur.. Trilater®, que tribus ; quadrilstera,
qua quateorsmultilater,quz pluribus quim qua.

- tuor lineis vo@ss contineatut. . -

21 Trilaterarum-fightarum,
~ zquiarerum tridgulum eft,quod
2t tria latera habet 2qualia.

_ ‘zi Hofceles , quod dyo tantim
2qualia habet latera.

.., 23 Scalenum, qued omnia
-~ 1% trianzqualiz habet latera .

24 Trilaterarum praterea figue

rarum ceQangulum triangulumeft,

_ quod reGtum angulum‘haget. o

.~ _3%5 Obtufangulum, qued obtu
fum , veefifigwazy . "~

s . - 26 Acutangulum, quod tres acu
tos habet angulos . vsfuns figwra 31. & a3s -

. 27 Qx_;dtihterarﬁ figurarum,Qua
. "} dratum eft,quod quilaterum & gqui
angulumpedt, e -

;& zv. 28 Al-



3 LIBER L

. 28 Altera parte longior figue
ra eft,qua zquiangula quidem, at
non zquilatera eft.

_ 29 Rhombus,quz xquilatera,
zqux:noula verd noneft.

30 Rho:ﬁboxdés,quz op-

:  pofita, & lateral, &angulos
zqualm habet;at neq; qui=

. latera eft,neque cquxanguh

R I %1 Rehqua ab: hlS quas
drilatera, vocentur trape=
. . ZiR. -

——— 32 Parallel rede linea siit,
' quz in codem plano.exiftentes,
&vtrmg, in infinitum eiglz,

inneutram partem coincidunt, ~~- -
i ?Oﬁ“m‘ .
Qﬁulctur i quouls pun&q ad-quoduis fc&am
lineam ducere .

Btre@am hineam termmaum in continuum, &
dire&un producere..

Et quouis centro & interuallo cireulum deferie

.bere, - .
tammnfemmufm mnomta. {

Va cidem funt zqualia , & inter fo fant’
xquaha.

. v

2 Et,

———— L

M NAWAE v ety




LIBER L

.- 2 Et,fi equalibus equalia adduntur stota funt -

-zqualia . : “
3 Et,fiab 2qualibus 2qualia tollantur, reliqua
funt equalia. '
4 Et, fiinequalibus equalia addantur,tota fune
inzqualia .
‘s Et,fi ab inzqualibus 2qualia anferantur , re~
liqua funt inzqualia.
. 6 Et, quxeiufdenm funt dupla , inter fe funt -
- quala.
7 Et, quzeinfdem funtdimidia, inter fe funt
xqualia.
8 Et, qua fibi inuicem congrunnt , inter fe funt
®qualia. '
9 Etjtetumeft maius fuaparte,
10 Et,omnes anguli recti inter fe funt equales »
11 Et, fiin dvasre&tas lineas re&a incidensane
gulos interiores ; &ad eafdem partes , duobus re=
ctis minores fecerit , coincident dux illz linezin
infinitum protra&z verfus illam partem, adquasa
funt duo anguli duobus reétis minores .
12 Et,duz re&z {pacium non concludunt,

Propofitiones .
Propofitio 1. P.olemba 1,
Super datavecla linea terminata triangulum
aquilaterum conflituere .

‘ c _ It data re@a AB,
L ) fuper qua oporteat
‘D / triangulim zquilaterd .
, E  conftituere . £ Centro aPof,
' A; interuallo A B de- 3
G e feribatur circulus B C

A. 3 D.Rur-



6 LIB E R L
b Pop, : D. Rurfus b gentre B,
3. interuallo B A deferi-

. baturcirculus ACE:&
ex C, vbi fecirculi few
~cant ad A; B punéta,
¢ ducantur re@tx C A,

c Pofl,

CB. Quoniam A centrum eft circuli B C D, deric
d df AC zqualisipfi AB. Rurfus,quia B csntrum eft
I5-  circuliC AE, « erit & B C zqualisipfi B A.de-
€ def. monfirata eft autem & C A- zqualis iph A Bivera-
queergo CA, C B zqualis it ipfi A B: fquaauté

faxte cidem fune xtha & inter fe funt zqualia : igieur

C A zqualisef CB:tresergo C A, A B, B C funt

zquales. Quare triangulum A BC cft 2qu11:u5-
rum,& {uper redta A B conflitutum . Ql_od facere
opostuit .

Probo{ 3. Pu’)’blemz 2,

o datum puniium data rede linee aqrulm |

reldam ponere.

Intdata > puadta
Are@aBC, &
oporteat ad pur@i
Areda B C xqualé
ponere . Ducatur ab
AadBre&a A B,fu~

2prop, per eaq,conﬁxtua—
I 1. tur triangulum equi
b poﬂ. laterum DA B,b pso

dudtisin direQum i ip
cﬂr‘l fisDA,DBinE, & F.c Centro B, interuallo B C
3- defcubatur circulus CG H. Rurfns ] centro D,

int(-r—




LIBER L 7
interuallo D G defcribatur circulus GK L. Quo- dpof,
niam ergo B centrum eft eirculi CG' H, e eritipfi 3.

B C:qualis B G. Rurfus cum D fit centrum cir- e def.
culiGKL, f erit D L zqualis 1pfi D G: g quarum 15.
pars D A et zqualis partt D B: b reliquaergo A fdefo
L zqualis eritreliquze BG. Oftenfa cft autem & 1§.

B C zqualis ipi B G:vtraque ergo A L,B C gqua- gprop.
liseftipi B G. i Quz autem eidem funt zqualia, 1.

& inter fe funt xqualiazergo A L mqualis eftipfi hax.3
B C. Quaread punctum datum A,datereGteBC i akuls
zqualis eft pofita , AL. Quod facere oporiuit.

Propol. 3. Prebl. 3.

Datis duabus inequalibus vedlis lineis, & -
maiore minori aqualems abfcindere,

Int datzrele
inzquales A B,
& C; quarii maier
fit A B; i qua , mi=
nori C, zqualem
abfcindere opor-'
tear. Sit #ad pune 2 prag,
RS . CGumAjre@Ge Ce- 2. 1.
qualis pofita , A D. & beentro A, interuallo AD, b g,
defcribatur eirculus DEF. Et quia A centrumeft 3.
cieculiDEF, cerit AE 2qualisipi AD.fed & C ¢ def.
zqualiseft ipii D A: vtraque ergo A E, € xqualss 15.
eft ipfi A Drigitur & A E equalis erieipfi C. Dua-
bus ergo inxqualibus datss re@is Lineis A B, & C,
d maiore A B, minori C zqualis eft abfcida , A E.
" Quod facerc oportuir, . X

A 4 Pro-
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Propof. 4. Theor. 1.
Siduotvianguladeo latera duobxs lateribus
aqualiababuerint, alterum alteri; habue-
rint autem & angulumangulo, equalibus
basevibus cotentum, equalem,r bafimbafi
aqualens babebune:eritg;triangulum trian X
gulo aquale,er reliqui anguli reliquis an~ 1
gulis equales s quibus aqualialaserafub- -

S tF SN

—~—

tenduntur . l
A D Clntduotrize
4 . . gula ABC,
) i\ :: IIDEF, queduo I
\ ateraAB,AC i
B C E F duobus D ’E,DF,, i
. zqualia habeit, !

viramqre vtrique,ABipiDE, & ACipfiDF, & i
angulum B A C,angulo EDF. Dico quod & ba- .
fis B C, bafi EF fir quilis , & triangulum A B C, .
triangulo DE F, & reliqui anguli reliquis , veerg; L
wtrique,quibus zqualia latera fubrenduntur, nem-
PeABCipiDEF; & ACBipiDFE Sienim
 fuper triangulum A B C triangulo D EF* congruat, &
tur, A fuper D ponatur, a4 congruet AB re@a recte
245.8. DE, & BipfiE,qiod AB fit zqualis DE. Con-
g-uente igitur ABip(i D E, congruet & AC iph
F, quodangulus B A C anguloEDF fit ®qua-
lis:ideo & Cipfi F congruet, quod & A C zqualis
fripiDF Sed & Bipfi E congruebac, Quare &
bafis BCbafi EF congruet. Sitenim congruente
B ipfiE,& C ipfi F,bafis BC baiE F 1 cégruat,
conti-
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LIBER L [
continebunt duz re@® fpacium ; b quod fieri ne-b za.12+
quit. Congruet ergo bafis BCbafi EF, & ®qua-
lis illi erit; adeoque tocum triangulum A B C roti
triangulo D E F congruet, c eig; zquale erit: con- ¢ 4,8,
gruent ergo & rel qui anguli rclxguis,erirque AB
Cangulus angulo, DEF, & A CBipi DFE -
qualis . Sierge duo triangula duo latera duobus
lateribus ®qualia habuerint, &c.

Propof.s. Theor. 2,
Ifcfcelinm triangulorum anguli ad bafiv funt
aquales: & produllis aqualibus vellis »
eruns & angali infra bofins aquales,

A Tetriangulum A B C,
) habenslatus A B,la-
teri A C xquale. Produ-
cantur in direGum A B,
ACredxinD &E Dico
angulum A B C,angulo
ACB; &CBD,ipfiB C
E xqualenrefle . Accipia-
turin B D quoduis pus-
&um F; & a4 auferatpr i aprop,

maiori A E,minori A Fequalis A G:'b ducanturg; 3. 1.

re@x FC, G B.& cum A F,ipfi A G; & A B xqua- bpofit

“lisficipfi A Cieruntduz FA, AC,duabus G A, A

B aquales , alteraaleeri , continentdue anguium

- communem F AG:¢ eritigiturbalis F CbaliG B Ccprop.

zqualis & triangulum AF C triangulo AGB, & 4.1,
reliquianguli reliqus,alter aleeri, quibus mquain -
latera fubtenduntur 5 nempe ACF ipiABG, & =
AFCipfi AGB,Etquiatota A FrotiA G .tqula-

: : is
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dax. 3. liseft,quarum A B eft 2qualis 1pi ACs d erit &

reliqua B F,reliqua C G xqualis. Oftenfa autem
elt & F € zqualis ipiGB. Cum ergo duz BF,
F C duabus C G, G B 2quales fint altera alteri: &
angulus BF G angulo C G B zqualis,&bafis BC

e prop, communis , e erit triangulum BF Criangulo C

¢.1.

G B zquale, & reliqui anguli reliquis alcer aleeri,
quibus 2qualia lacera fubtenduntur:ergo & angu-
lus FBCanguloGC B, & BCF ipiCBG s
qualis erit . Et qna totus A B Gtoti A C Foften
{us eft equalis,& C BGipfiB C F;eritergo & re-
liquus,A B C reliquo A C B ®qualis:& funt ad ba
fimcrianguli A B C; oftenf{us eft aucem F B C an-
gulus,angulo G C B equalis,& funt fub bafi. .Ifo-

fcelmm igieur eriangulorum anguliad bafim gqua -

lesfunt , & produ&'s zqualibus lateribus, ctiam
anguli infra balim . Quod demonflrace oportuic .

Propol.6. Theor.3.
Si trianguli dno anguli equales fueving ;
eruns & larera aquales angulos fub=
tendensia, aqualsa .

A Tt triangulum A B C ha-
o bensangulum A B C,an-
D . golo AC Bxqualem.dico &

latera A B, A C zqualia efle.

B . Sienim funt inzqualia , erit

alterum maius,fit maius A B, -

« Auferatar a maiore A B,

2% minori A C zqualis D B, ducaturque D C. Cum

3. ll

ergo D B, A C zquales fint, communis verd B C;

cruntduz D B,B C,duabus A C,C‘B, zqualesal-

tera

. e g
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. teraalteri, & angulus D B C ®qualis angulo AC

B: bigitur & bafis D C,bafi A B erit =qualis, &

i

b prop,

triangnium A B C,triangulo D B C, minus maios 4+I-

i, ¢ quod eft abfurdum ; nonigitur in 2qualis e\ﬁ
A B.ipfi A C:ergo ¢qualis . Quare fi trianguli duo
an%uli ¢quales fuerint,erune & lacera, ¢quales an-

gulos fubrendentia , 2qualia. quod demonftrare
oportuit.

Propof.7. Theor. 4.

Super eadem vellalinea  duabus reclis lineiss
alie dua reliz aquales altera alter:, non
conflituentu,ad alind a1g; alisd punéinm,
ad eafdcm partes, ecfdemy; cum prime du-
15 tevminos babentes .

. eni ripot ftua-

C _, S D It,:r }::;:i egdcﬁgrzgtﬁllit::a
A A B,duabusre&is A C,C Bidue

_ : Gum C & D, ad eafdem partes
‘A "B €:D;eofdemrerminos habétes
SR A ,B,quos prinretita, ve C Aip,
I i D A, cundem cum ipfa termi=
minum A habens,C B yerd ipfi D B enadewn com
illaterminum B habens , Gt equalis, & ducatnr C
0. Cum etgo AC fir xgualisipli A-D, a erit &
angulus A C D equalis angulo AD C: maior e~

.goeft A D Cangulus, angulo D CB: multe ergo -

major C D B.. Rurfus cum € B equalis it ipi D
B erit Swangulus CD B angulo DCEB xquﬁlis :
: . often-

Caxg

alie A D,D Bequales,alteraal- |
teri, ad aliud stquealiud pun-

2 prop.
§.le
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often{us autem eft multo illo maior .4 Quod fieri
non poteft. Non igitur fuper eadem.reca linca
duabus re@is hneis,aliz dux re@te zquales,altera
alteri conftituentur ad alind atque alind pun&um,

- ad eafdem partes,eofdem cum primo duétis termi-

nos habentes . Quod demonftrare opertuit.

" Propof.8. Theor.5.

Si duo triangula duo latera duobus lateribus
aqualia habuering , babuerint verd & ba-

© fim bafi aqualem, babebunt quogne argu=
lum aqualibus latevibus contentum angu~
lo equalem:, - :

' B <

’ ' : . E o F /
: S Int duo triangula AB C, DEF, qure habeant
duo latera A B,A C,duobus D'E,D F zqualid,
alterum altert, nempe ABipiDE,& AC ipi D

F; habeant quoque bafes B C,E F zquales . Dico
quod & angulus B A C, angulo E D F fit 2qualis.

. Congruente enjm triangulo A.B C, triangulo D’

e ax.8

EF, pofitoque B fuper E, & reGta BC fuperE F;
a congruet & Ciipfi F,quod B C, E F 2quale fint.
Congruentegituf ipfa B Ciph E F, congruent &
BA,C A,ipfis ED,DF.Quod fi congruat quigl:rm

: is




balis B C bafi EF:2t BA; A C latera ipfis, ED,D
F,non congruant, fed alid cadanc, veinnt E D, D
F, b conftituentur fuper eadem re@a duabns re-
&is,aliz duz reGte zquales, altera alteri, ad alind
atque aljud pun&um,ad eafdem partes, cofdem ter
minos habentes . At non conftiiuntur . Non er-
go congruente bafi B C, bafi EF, non congruent
BA,AClateraipfis ED, DF: congruentergo.
qttare & angulus B A C angulo ED E*congruet ,
eique zqu.jis etit. Siergo duo triangula,duo la-
tera duobus lateribus 2qualia habeant ,. alterum
alteri, habuerint verd & bafim bafi Zqyalem , ha-
bebunt quoque angulum zqualibus lateribits con-
ftrare’, - -

Propof. 9. Probl.4..

tentum,angulo 2quilem'. Quod-oportut demon=

LIBER IS - 13

b props
7 ode

Datum dngnlnm.n&:‘linmm bifm’am fec&rc_."i

A . QTedarusangalus res

Gilineus B A C,qué

te. Accipiatur quoduis
punéum £ Atquezex
AC, ipli AD, zqualis
anferatur A E: & fuper
-duétam D E; b confti-
tuatur triangulum equi.

Y SRR < latérem DEF, '&??uiiﬁ
gatwt A F. Dico angulum B A C re@a A Fbifaw
riam fecari. Cum enim AD, AE xquales fint
communis A F;erunc duz B A, A F, duabusE A,
AF equales,aitera alteriyeft verd & bafis D F bafi
EF aqualis; ¢ergo & angulugD A Byaagulo BA:
- . F;xqua~

v

oporteat bifariam feea.

aprop
3 I O

b prop.
28 1

cpiopi

N RPN
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B, xqualis erit. Datus ergo angulus re&ilineus’
B ACaire&ta A Fbifar lamlecatur (Lod faccre
" oportuit,.

Propo( 10.Probl.s.
" Datamreilam finitam bifariam fc ccare,

P . Tt data 1c&1 finita A

B,quam oporteat bi-

. fariam fecare.Conftitua-
_ . wr fuper illa triangulum -
. zquilaterum ABC, « & -

aprope A fecetur angulus A C B bi-

g- 1- D fariam re@ta CD. Dico

» re@1m A B,in D bifariam

effe feGam.Cumenim A C,C B zquales fint come

munis C D:érint duz A C,C D,duabusBC,CD

®quales, alteraalters, & anou]us ACDangulo B

b prop. C D zqualiss #nglr &bafisAD equalis eft bafi

4! BD.dataergoredtafinita ABinD 1c&r eftbifa-
tiam, quod,famendum erac.

PR Propo[. iz. Probk‘

" Daw récialines ex pumﬂo inilla dato Tineans
we t o vebtamad angulos reétys ducere.

'

1Y

It daeare@a A B, datwn in illa pun@um C;’,
oporteatq,ex C,xpﬁ A BreGasmlineam ad an-

3?"0? gulos re@tos ducere. Accipiatur in A C gqnoduis .

pun&um.-D, & & ponaturipf C D equalis CE, -

b ﬁmy b conftiuaturque fuper E D triangubum 2quilace-

1Ty rmFDE,r& ducamr FC. Dico ad pun&u;nC ’
atx
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) datx reftz A B ad

F angulos, re&tos effe

: du@tam F C. Cum

enim DC,CE fint

‘ xquales , FC com=

B . munis; erunt duzD

A . v C,CF, dt;abule C,
f C F zquales ,altera

b C. E alteri: fed & bafisD

F,equalis eft bafi E Freritcergo & angulus DCF 8

xqualis angulo E C F;& funt deinceps . d Quando
autem reéta fuper reGam confiftens, eos qui dein-
ceps funt angulos,equales fecerit,re&us eft vterq;
2qualium angulerum:re&iigitur funt _an%ulu DC
F,F CE. Quare datz re@tz,ex punéoinilla dato,
du@a eftad angulos rectos,recta F C. quod facere
oportuit.,

Propof.13.Probl.7.

Ad datam infinitam , d puncio dato extraila
lam perpendicularem veilam ducere.

Ttdatare@a infini

ta AB, pun&um
extraillam C. & opor

. teat ad rectam dagym
A Bex picto T, quod
in illanon eft, perpen-

- dicularem. reGam di-
cere. Aceipiatur ad
alteras partes re@z A

v .- B, gnoduis pun&a D,
& « centro Cinterpallo CD circulus EF G de-
feribatur,b diuidaturque EG in H bifasiam, d"g{s
: reélis

[ Prof,
LI
d def.

a poff

b prop.

10. 14



c def.
1%.

d prop.
8. 1.
e def,
10.
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re&is C G,C H,CE. Dico quod ad datam infini.
tam A B,3 pun&to extra illam dato C, perpendicu
laris ducta fit C H. Cum enim G H,H E fint ¢qua=
les , H C communis:erunt dua G H, H C, duabus
E H,H Cquales,alteraalteri ; cfed & bafiCG,
bafis CE, eft zqualis; etitdergo &angelusCH
G angulo E M C 2qualis, & funt deinceps. e quan~
do autem rea fuper reGam confiftens,eos qui de.
inceps funt angulos,zquales fecerit,re&us eft vter
que 2qualiumangulorum , & infiftens linea , per-
pendicularis dicitur eius,cui infitic . Quare ad da- -
tam re&am infinitam A B  pun&o extra illam da.
to C, perpendicularis ducta eft , C H. quod facere
oporrebat.
Propof.13. Theor.6.

Quando linea vecla fuper veltam confiftens

angulos facitsaut duos veclos » ant duo-

bus veldis aquales efficit .
-~ E&a .n. quedi A B,fu
, perreéta CD,confi-
fiens,angulos faciat C BA,
A BD.dicoillos , aut duos
reétos aut duob re@is gqua
- lesefle.Si.n CBA,ipiARD
. € eft equalis,duo « re¢ti funt.
‘B .Sinon: ducaeur 3 pun&to B
. ipfi C D ad angulos re&tos,.
BE: b ergo CBE,EBD dubredifunt. Et quia -
C BE duobus C B A,A B E,zqualis eft,fi appona.
tur communts EB D. cruntduo CBE,EB D, ttia

~ bus CB A,A BE,E BD xquales . Rarfus cum an-

gulus DB A;ducbus DBE, EB A eequalis fit ; f5
addatur comuntmis AB Cierntduo DBA,ABC
. : tribug
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tribus D BEE B A,A B Czquales. Oftenfumeft - -
autem & duos C BEE, E B D;ijfdem tribus,zquales
efle. ¢ Quazautem exdem funrzqualia , & inter fe,
funt equaliatduo igitur C B E,E B D zquales funt € 4¥-1+
duobus D B A,A B C: {ed C BE, E B D redi funt:
igitur D B A A B C duobus reétis zquales. Si igi-
turre@a fuperrectam confiftens angulos facitaug’
duos re@os,aut duobus reétis equales facit, Quod
oportuis demonfirare,

e

Propéﬁ.t_i014.'[heor.7. L.

Si ad veGlam aliquam lineam,asq; ad punElans
inilla datum,duc rillenon ad eafdem par-
- ses dulle angulos » qui deinceps funt > duo-
bus veltis aquales fecerint s in directuns
evuntillglincs .
Dre&am A B,& ad pun&umin illa datum B,
A duz re@x B C,B D non ad eafdem partes po
fitz, faciant angulos deinceps A B C,A B D, duo-
bus reétis zquales . Dico B D ipi C B in direcum
: ~efle.” Quodfi BD ipfi B
A C non fit in direQum, fic -~
» BE. Cumigitur re&a A
‘ B reét2 C BE infiftat 5
- “aeruntangilt ABC, A :
BE duobus re@tis equa~ aprop.
,/E’ les: Suntverd & AB C, 134,
. A B D duob. re&is gqua
€ B D e anguli igicur C B A,
A BE funt angulis C-B- -
A,A BD,zquales. Communis AB C auferatur
. breliquus ergo A B E, reliquo A B D, eft zqualis, |, 4 3,
' e 3 minor
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€ ax,3. minor maiori,¢ quod ficrinequit', NonergoBE
in direGumelt iphi B €.Similiter oftendemus nul-
lamaliam effe, przter B D: in dire@um ergo eft
BD,ipfiCB. Siergoad re&tam,& ad pun&um in
ea ,datum dux reGz non ad eafdem partes poficz ,
angulos qui deinceps funt, duobus reiis zquales
fecerint , indiretum erunt illx dua linez . quod
demonftrare oportuit.

Propofitio 15. Theor. 8.

. Siduarele [e inuicem fecuerint , angulos
- a&d verticems aquales facient .

: E&2 AB,CD,fecéc

A D {e in E pun&o. Di~
coquodtam angulus AE

S C.angulo DEB, quam

CEB, angulo AED, 2~

qualisfit. Cum enimre-

. ‘ &®2AE,re&2 CD, infi-
c ftac , faciens angulos CR
aprep, A,AED, aeruntipfi duo.
16 1. busre®is zquales. Rurfus cumre@a DE re@a
b prep. A Binfiftat, faciensangulos AED,DE Bb erunt
13.1. &ipfiduobus re@is zquales . Oftenfi autem funt
& CE A,A E D duobus redis 2quales: Quare duo

CE A,AED, duobus AE D, D E B 2quales funt.
auferatur communis A E D: ergo reliquus CE A,
religno BE D xqualiseft. Pariter oftendetur'C
EB,DEAzqualeséfle. Siergo duzre@z fein-

. wicem fecuerint , facient angulos , qui ad verticem:.

funt zquales . Quod demonfrare oportuit .
. - Pro-
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Propof, 16, Theor.9.

Ommnis trianguli yuo lateve produilo » exters
nus anguius werolibet interno &
oppofite maior ¢St

A F S.I: triangulum AB C,&

vnum ipfius latus B C,
in D producatur. Dico an-
E gulum excernim A C D,
. maiorem efle internis &op
o pofiis€BA,BAC.aBi- rep-
fecetur A C in E, &du&a ** ¥*
BE producatur in F, fitque
iph B E zqualis E F, iunga~
G wCE&produicawr AC
. inG. Etquia AEIpAEC ‘.-
eft zqualis; erunt dux AE,
| 3 E B,duabus CE,EF zqua
' ) les,altera alteri; & angulus
AEB,angulo FEC eft b 2qualis, funtenimad b prop.
verticem: cigitur & bafis A B, bahi FC ®quabis 14. 1.
erit, & triangulum A B E triangulo FE C; adeoq; cprops
& reliqui anguli reliquis,alter alteri,quos zqualia 4, 14
fubtendunt latera: Eritigitur & angulus BAE
angule E C F zqualis ; eft dautemE CD maior, d ax.9.
quam E C F.Ergo & A CD maioreft quamB AE,
Pari modo fe&to B C latere bifariam demenfira-
bitur angulus B C G,hoc eft,A C D maior efle an-
guto A BC. Omnis ergo trianguli vno latere -
praducto externus angulus vtrouis interno, & op-
pekito maijor ¢ft,quod oportuit dementfteare.
- B 3 Pro-

-
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Propofitio 17, Theor. 1o,

Omnis sriangali duo anguli duobus reitis mi -
nores funt > Guomsodocunque fumpts ,

: S It triangulum A B C.
A Dico duos eius angu-

los minores effe duobus re
o &is quomodocunque fum-
D % " ptes, Producatur B C in D.
Et quia trianguli AB C,
: angulus A CD externus,
" amaior eft interno & oppofito ABC. $i come
aprop. munis apponatur A CBierunt AC D,"A CB an-
16.1. guli,maieres ABC, B C A angulis: Sed ACD,
A C Bbduobus re&tis fust 2quales : Ergo ABC,
b prop. B C A minores, Similiter oftendemus tam B A C,
13-%- ACB, quam C A B, A B C duobus rectis efle mi-
nores . Omnis ergo trianguli due angulr quicung;
duobus re&is funt minores, quod oportuit demon

ﬁl’atc .

Propof.1 8. Theor.11,

Omnis trianguli maius latus maiorems augu-
lum fubtendit . =

. -Q It triangulum A B @,
) A v S habens [atus A C ma-~
D ius lacere AB. Dico &

angdism A B C maiorem

: “efleangulo BC A. Quia
B% = €' enim A C maius eﬁ,‘qxtm

2

[N
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AB; fiat AP ipfi AB zqualis : & ducatur BD.

Eta quia trianguli BD'C externusangulus AD B 2 prop;
maior eft interno & oppofita D CB, & b zqualis 16. 1.
angulo A BD, quod latera A B, A D zquilia finc, bprops
maiorergoctiameft A B D quam A € B: muleo §.1.

ergo maiorerittotus A B C, quam A C B. Omnis
ergo trianguli maius latus,maiorem angulum fub-
tendit. ST

~ Propol. 19, Theor.t3.

Omnis trianguli maior anguim maiovi lateri
[ubtenditwr. -

A B | : S It tria.n;ng.ulu;n AB

C habens angulum

R BN . ABC maiorem angu~
A T : - loBCA.dico &latus

! .. A C maius efle latere

B » ‘ C AB. Simon: eritAC
.. o . ipA ABaut 2quale,aut
minus. Nonazquale. Sienimzquale, « efler &

angnlus A B Cangulo AC B 2qualis: atnoneft:
ergo A C zquale non cft ipfi A B.Non minits:nam

i

aprop,

§. 1.

£ A C munus eflet quam A Byeffec b & angulus AB 3 op.

Cminorangulo A C B;atnoneft:nonergo AC
minus eft ipfo A B. Oftenfum autem eft,quod nec
2zqualerergo maius. Omnis ergo trianguli maio-
r1angulo maius latus fubtenditur.

.. . sl

18. 1,

"Bz Diov
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. Propof-30. Theor.r3:

o .Lo'u‘n}'s srianguli ‘duo latera veliquo maiora
funs quemsodocumy; fumpta .

- It triangulum AB C,
0 s dico duo latera B A,

A C, maiera effe reliquo

o B C; & AB;B Crelique
AC;&BC,CArcliquo
' A B.P;oducar.&u: enimBA
in B; fitq; re@ta D A ipfi

¢ = C A zqualis ,}& iunga_tl:lr

-+ DC, Caumergo DA ipfi

A C fitgqualis,erit & angulus AD C,anguloA C

24x.9. D zqualie. Sed« B € D angulus maior eft angu-
lo ACD; maiorergoctiameft BC D, iploAD

C. Etcum DJC B fittriangulum habens angulum

b prop. B C B maiorem angule A D C, b maiorem autem
319.1. angulum maius latus fubtendat;erit D B maius ip-
: fo BC, zquale autem e D Bipfis A B, A C: ma~
- joraergofuntBA, A C,quumBC. Omnisergo

. erianguli duo latera reliquo maiora funt ; quomo~

.docunque fumpta., - - '

Propof.21. Theor.14. :

i d terminis wnius lateris trianguli dus ve<

Elaintraconflituantur, erunt be minoves

veliquis duobus trianguli lateribus,at ma-
jorem angulum continebunt

ATerminis lateris B C, trianguli AB C, cone

(A Riwantw duxre@x B D, CDiptra. Dico
. .o BD,
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B D, D C seliquis trianguli lateribus BA, AC ml
. ores efle; 2t angulum B
) A D C maiorem contmere ,
angulo % A C.Producatur
enimBDinE. Et « quia ».
% omnistrianguli duo lgtc- :f:'f,v
: ra relique maiora funt:
" erunt & trianguli A BE,
B ¢ latera AB, AE maiora B
Elatere . 2pponatifr com=
munisEC,b eruntd; BA, A C maiora ipfis BE, b ax.4.
EC. Rurfus trianguli CE P latera CE,E D cmas ¢ prop.
iora funt latere C D, communis apponatur ]g/Bz 20, 1.
eruntd; CE,EBmaioraipfisCPD,DB. SedB A, -
A C maieraoftenfa funt ipfis BE,E C;multoérge
AB,ACmaiora erunt ips BD, D C, Rurfus,
quoniam d omnis trianguli externus angulus inter dgrep.
no, & oppofito eft maior ; erit & trianguli CDE 16. 1.
externus BD C, maior interno C ED. Eandem
ob eaufam erit trianguli A B'E, externus CE B,
maior interno B: A Cefed-& B D C oftenfisielt .
maior , ipfe C E B: mulcd ergo mazor eft BD C;
quim B A C_ Quare § i cerminis, &c. quod opoz-
tuit demonfirare .

: Propof. 22. Probl.8,

Ex tribus rellis;tribus datis retis aqualibus,
griangulsm conflituere, Oportes autems
dnas , veliqua maiores efi¢quomodocumy;
fumptas . quod emnis trianguli duo lasers
reliquo maiora fint,quomodocikq; fumasur.

A Inttres sit2,A,B, C, quarum duz quomodo-

cunque {umpt reliqua maiores fins, vi A, B,
’ B 4 quam

i
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guam C;A,C quam B;B C qui A.Operteac aueem
= tiribus A, B,C,equalibus triangulum céftituere.

A_

: Expofita fit re@a quedam ‘DE, terminata ad B,
apmp. intermimataad E; firq; « D Fipfi A,F Gipfi B; ipfi
.1: Cequalis fala G H, Defcribacar centro F,inter=
uallo F Dycirculus DK L: Centro verd G, inger-

_ uallo G H,cirewlus K L H; iunganwmirq; FK,K G,

Dieo extribus F K K -G.G F ®qualibus tribus da- -

- tis A,B,C trifgulum F K G efe conftitutum. Cum

enim Feentram fit circuli DKL, setit F D gquan -

15, lisipiFK; fed F Deftzqualis ipf A; ¢ ergo &
c ax.1. FKsexit zqualis ipfi A. Rupfus cum G fit-centram
d def, cireuli LK H, d erit G H zqualis ipfi GK; fed G
sg. HequaliseftipfiC: eeritergo & G K zqualis iph
cax.1, C: Eft verd & F G =qualis 1pfi B. TresergoKF,
F G,G K 2quales funttribus datis A,B,C. Quare
ex tribus KF, F G, GK, zqualibustribus A, B,C
eriangylum eft conftitutum Qued facere oportuis,
. Propof. 23. Probl, 9.
Ad datam vectam datumy; in ea puncium dg-
toangulo veclilineo ; equalem angslums

" -veChlineum conflitueve .
It datare§a’A B, datumque in ea pun&um A,
S daws angulus re&ilineus, D C E, Opeorteat
’ . auteg

A
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antem ad pun@um ddtum A, date re&z A B, dato
* angulore&ilineo D CE zqualem angulum re&i-
lineum conftituere. Capiantur 1n veraq; C D, C

E, qualibet-”

C A pun&a D.E, -

& iungatur

D E: 4 atg;

, ex tribus re

s, que z-

D& F quales fint

B tibus CD,

DE, EC,

triangulum A F G conftituatur:ita vt C D ®qualis
fitiph AF; CEipfiAG; DE1pfiFG. Cum ergo
dux D C,CE zquales fint duabus F A, A Galtera
alteri, fit verd & bafis D E zqualis bafi F G; berit
&angulus D CE zqualis angulo F A G. Quare
addatam retam A B datume; in ea pun&um A,
dato re@lineo angulo D C E,2qualis angulus re-
Gilineus F A G eft conlitutis . Quod oportuit fa-

cere . . :

,Pr_obo!'. 14. Theor. 15.

Si dno triangula duo latera duobus lateribus
wqualiababuerint » alterum alteri; angu-
Ium vero angulo maiorem , qui equalibus

'y

a prop,
22.°1,

b prop.
1. .

rellis lineis continesnr » & bafim bafima~ -

‘sovem babebunt ,

: S Inttriangula A B C,D E F, habentia duo late-
« &P ra A B,A C,duobus DE,D F zqualia,alterum
alteri: A B quidem ipfiD E; A'C verdipfi D F. Ac

angulus BA C maior it anguloEDF, Dice & -

baﬁqx

N
*
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_ bafim BCmaiorem effe bai EF. Cum eniman-
gulus BA C
. maior it ED
aprop. F, angulo, =
23.1.

A R D ‘eéftieuatur ad

o punc&tum Dre

: . &e D Eangu-

- B C FE G lo BAC, 2-
_ F - qualisEDG;

1tq; virique

AC,DF a-
qualis D G,& iungantur G E,F G.Quia igitur AB
ipiDE,&ACipiD Ggqualisl eft; eruncdux B
A, A C, duabusE D, D Gxquales ,alceraaleeri;
efique & angulus B A C,angulo ED G zqualis:
b prop, beritigitur & bafis B C,bafi E G @qualis. Rurfus
4.1, quiaDGipfiDF eft aqualis, & cangulus DFG
¢ prop. angulo DG F; derit angulus D F G maiorangulo
s.1. EGF:multoergomaioreritE FG,ipfoEG F.Et
dax.g. quia E F Gtriangulum eft, habens angulum EFG
¢ prop. Maiorem angulo EGF (e maiori autem angulo
3o.1. Mmaiuslaws fubtenditur ) erit & latus E G maius
latere EF: zquale autemeft EG ipfi B C: maius
ergoeft & B C,ipfo E F.Si ergo duo triangula,&e,
quod oportuit demoanftrare . *.

Propof.25. Theor.16.

Si duo triangula duo latera duobus lateribus

aqualia babscerintsalteruus alteris&rbafin

. bafi maiorem, & angnlum angulo » qui a=

gualibus lateribns continetnr 5 maiorers
babebuns , :

Sint

-
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‘ D Int duotriana
A gua ABC,D

o2 : i EF,duo latera A

: B,AC, ducbus D
E,D F habentia 2-

3 CE 3 q:xalia,alterum al-

' teri, AB ipfi DE,

& A CipfiD F.Bafimverd B C maiorem bafiEF,
Dico & angulum B A C angulo E D F maiorem
efle . $i non:aut zqualis eft,aut minor.Non zqua~
lis; Nam fiangulo B A C,angulus E D F zqualis
eflet , s effet & bafis B C,bafi E F zqualis ; at non
eft; nonergoangulus B A C anguloEDF eft z-
valis. Sed meque minor:nam fiminor effet, b ef-
fet & bafis B Cminor bafiE F: atnoneft : non er-
go angulus BA C minor eftangulo EDF. De-
monftratum eft autein , quod nec equals : major
ergoerit, Siergo duotriangula, &c. Quoddes

-monflrare oportuic. -

Propof.26. Theor.17.

Si duo triangula duos angulos dwobus angslis
aquales babuerint s alterum alteri, &
ynum latus wnilateri aquale feu quod a=

* qualibus angulis adiacet > [eu quod yni &<
qualiuns angulorum fubtenditur ; & velie
qua laterareliquis lateribus; alserurm alte-
vi ; & religusim angulum religuo angalo »
@qualem babebunt . _

C Intduotriangula A B C,DEF, duos angules

D ABC,BCA,duobus DEF,BF D zquales
: . abeme

apmp. .
4.1
b’fﬂ’o
24. 3.

»
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habentia,aleerum alteri,A B C quidem ipi DE F,
&BCApAiEF D: habeant verd & vnum latus
) ] ; vai lateri z=
A ‘. quale.Etpri-

) D mo quod z-
. c E

“A o qualdbustan.

/\ gulis adiacet

nempe B C,

F ipiEF.Dico

H quod & reli-

qua latera,reliquis 2qualia habeant,alterum alte~
ri, A B iph B E.A C ipfi D F,& reliquum angulum
B A C relique EDF.. Quod iA B, DE inzqua<
a prop. lia fint;vnum erit maius . Sitmaius A B: afiatque
3.1. ipiDEzqualisGBlinea, & ducarur 6 C. Cum
igiturvam B G,D E; quam E F, B C 2quales fint ;
erunt duz B G,B C,duabus D E,E F zquales,alte-
ra alteri; & angulus G B C angulo D E F 2qualis :

b prop. berit ergo & bafis G C bafi D F zqualis , & trian-.

4-1.  gulum G C Btriangulo DE F 2quale, reliquique
anguli reliquis, alter alceri , quibus zqualia latera
fybtenduntur . Quareangulus G € B zqualis erit
angulo D FE: fed & DFE ponitur zqualis iph B
C A:entergo B C G requalis ipfi BC A, minor
paiori ,quod fleri nequitinon ergo A B, DE ine-
quales fuint:ergo 2quales . Et verd & BCipfiEF
xzqualis: due crge A B, B C ®quales funt duobus
DE, EF, alteraalteri, & angulus A B C angulo D

cprop. EF: ¢ ergo & bafis ACbahi D F, & reliquus an-~

4.1 Fulus BAC reliquo ED F zqualiserit . Rurfus
nt latera quales angulos fubtendentia, AB,DE
®qualia, dico & reliqua latera, reliquis lateribis ,
vt AC,DF, & B C,EF, reliquumg; angulum B

A C,eliquoEDF, zqualemefle. SienimBC,
‘ ‘ EF
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E E funt inzqualiaseric vaum maiys; fit, i fieri po-
teft,maius B C, & dfiat ip BF ®qualis B H, iun- d prop.
gaturd; AH. ErquiaBH ipfiEF; &ABipiDE 3-1.
zqualis eft:erunt duz AB;B H, duabus DE,EF
zquales, altera alteri, continéntq; ingulos xquas .
les: ebafis ergo A H,bafi D Feft 2qualis,& trian- e prop
ulusn A B H triangulo D E Fyreliguiq; angulire- 4.5,
iquis , alter alteri , quibus 2qualia latera fubren=
duntur , 2quales erunt. Bft igitur angulus BH A
2qualis angulo E F D: fed EF D 2qualis eft angu~
loBC Aceritergo & B H A zqualisipfi BC A.
Trianguli ergo A HC externus angulus BH A
zqualis eft interno & oppofito BC A, fquod fie~ fprops
ti nequit:igitur B C,E F ineymales non funt:zqua~ 16. 1.
lesergo. Cum verd & A B, D E fine aquales:
erunt dux A B, B C duabus DE, E F xquales alce~
raalteri , 2qualéfq; angulos continent: g ergo & g prop.
bafis ACbafi DF ®qualis cft, & triangulum AB 3.1,
C triangulo D E F, & reliquus angnlus B A C, re-

liqueED F. Siergodue,&c. Quod demonfirare
eportuit , .

‘Propol. 27. Theor.18.
Si in duas refas lineas velda incidens angulos
aiternds wquales fecerit , paralicle
‘ cruntillelives. -~
TN duzs re@tas A
.. & B,CD incidens
G .1e&a E Ffaciatangu-
“ losalternos AEF, E
, v F D zquales. Dico
. ' : - A B, CD'parallelas
s clie.
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: gﬂl- - Si non; produa
® concuirent, aug
£/ B - verfus partes B’, D;
G autverfus A, C: pro«
C : ducantur , & concur-
(3 D rant verfus partes B,
: . Din G. « Eftitaque
a prop. trianguli G E F angulus externus A E F maior in=
16.1. terno,& eppofito E F G:fed * & ¢qualis;quod fiem
*ex by rinequit: nonergo A B, CD produéta concur-
pothefi. runc verfus partés B, D. Pariratione demonftra~
tur,quod neq; ad partes A,C: bquz autem in neu,
b def. tram partem concursunt,parallelz funt: parallelz
3. ergofunt A B, CD. Siigitur, &c.quod oportui

demonftrare ‘

Propof. 28. Theor. 19.

Siin duas veclaslineas vella incidens > angu- ‘

lum externum interno, & oppofito & ad
eafdems pavtes,equalem fecerit.: velinter~
1os » & ad eafdem partes duobus 1¢l¥is a-
guales , parallela erunt ills linee.

N duas refas A

. E B, CDincidens
A B  re@a EF, externum
angulum E GB, in-

C . p wroo & oppofite G
H D ¢qualem faciat:

F  auc internos, & ad
afdem partes BG H. G H D duobus re&is xqua-

les. Dico AB, C D parallelas efle. Cumenim
’ ’ EGB

e~
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¥ G Bangulus, * zqualis fi, & angulo GHD, a & # by
angulo AG Hjberit & AG Haqualisiphi G H D poshef,
¢ & funt alternizparallele ergo funt A B,C D.Rur="3 pyop.
fus cum B G H, G H D duobus rectis fint zquales; g, 5,
d fint autem & A G H,B G H, duobus re&is xqua- b ar.1,
les:erunt A G H,BG Hipfis BG H,G H D ¢qua- cprop.
les:communis B G Hauferatur: e eritigiturreli- 25 3,
quis A& H,reliquo G H D zqualis: £ & funt al- dprep,
ternis funtergo A B, CD parallele. Siergoin 13.7,

duasreétas,&c. Quoddemonflrare oportuit,  eax.z,

f 4 (J
Propofitio 29, Theor:20, z;'.?.'«
Rectain parallelas veclas incidens equales fa-
cit angalos alternos : ¢ externuminterno
& oppefiso, & ad ealdem partes aqualem:
& internos & ad #afdem partes duobus
veddis aquales cfficis.

- ¥ N parallelas re.
&as AB,C D re-

. QaEFincidat. Dico
quod & alternosan-
gulosAGH,GHD
¢quales faciac; & ex=
ternum EG B 'inters - -

S no, & oppofito, & ad:
eafdem partes G H D zqualem; & internos , & ad .

eafdem partes B G H, G H D dwabus reis xqua-

les. Sienim AG H,G H D iniquales funt,vnus
ilorum AG H fit maior : & quia A G H maior cft
qvam. .G H D, communis- addatut B-G.H.- Hi er~- -
g§0AG H.BGH maioses funthie BGH, S H ]21 -
. '. : ale
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aprop. @fed AG H,B G H duobus re&is funt zquales:er.

13.1. 8O B G H,G H D duobus re&is minores erunt . b -

b 4x.11Quz autem 4 minoribus quam duobus re&is in ine
finitum producuntur line® re&t®,concurrunt:ergo
AB,C D ininfinitum produ&a cécurrunt: at non
concurrunt ; parallele enim funt:ergoanguli A G
H,G H D;non funt ingquales:igitur ®quales.Por-
¢prop. 10 < A G H angulus zqualis eft angulo E G B. Er~
15.1. 8O &E G B 2qualis erit angulo G H D: commit=
nis apponatur B G H:ergo hi EG B,B G H,zqua-
d prop; lesfunthisBGH,G HD:dfed EG B,B G H funt
13. 1., 2quales duobus re@isteruntergo & BGH,GH
D duobus retis axquales . Reéta ergo ia paralle~

las, &c. Quod oportuit demonitrare.

Propof. 30, Theor, 21.
Quecidem relia funt pdrallcla,@' inter fe

funt pavalie
Itvtraq; ipfae
A———%B rum AqB’E D
E — - ? ipfi EF parallela,
. ; Dico&ABCD
4 / K R : éffe’paraflelfs.in-

: ; : .. c:datenim.in ip-

fas re@a G K.Et quia in reflas parallehs AB,EF

aprop. redtaG K incidit'; ¢ ericangulus AG H, angulo
27.1, G H F ®qualis; Rarfus, quia in parallclas re&tas
bprop. EF, CD caditre@ta GK, b erit & angulusG HE
38.1. ®mqualis anguloGK D;oftenius eft autem & angu.
c«x.1, lus A GK angule G H F xqualisic ergo 8tanguiug
AGK zqualiseritanguloG K D: & funtalterni &

dprop. dergo A:B, G D:funt parailele . Erfoqueeir
28. 1. dem,&c. Quod opormit demontirare. - P‘ e
Lo 10

e —— e e —

PRSPPI
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Propof 31 Probl.xo. :
Per dmm puu&um dasaveielinea paralle-

lamducm. S T

E. EX dato pune . . ;
: A F A, DarxreQe (‘
Z ©* - BC. oporteat piral-

- lelam.ducere. Accie. ~

B D - c piatar inB C quods .» .

-t uis pun&um D, 'iua~
gan:urq, A, D a & couftrenatorad Apunctum rew A prap,
&z D Aangulo'A'D-C zqualis D A E; ducaturgy 22.1.
ipfiAEindite&i A F. b Quia. er%o inl duas rectas bprep,
B C, EF refta A D incidens angulos altesnos EA 4751,
D,A D C ®quales facity eriint B C, E F parallel,

Per datum ergo puntum ; &c. quod facere opor-
tuic .

.Propof. 32. Theor.23.

Omnis trianguli wno latere pradm‘lo ’ cxtcr-
nus angulus, duobus intexnis, & oppo-~
ﬁm ef} aqualis; &~ tres interni duo-
Ims re&u funt cqualcs .

S It rriangulum .
A BC.& vhum

ciusiljtus B C pré-
ducatur in D. Dico
fsc“hﬁ' excerhoth

zqualert -
aﬂc dmhusmtcxnxs,& oppnﬁmc AB; A‘llsuaé &'
S Tes,




tres internos A B

| A E !
Y C,BCA,CAB
. . . .Quobus re&is gqua
aprop. P ) fes. a Ducatur per
3.1, C - ! “Cipfi ABredapa

' rallela CE. Quia

b prop. erfo in A B, CE parallelgs cadi A C; b erunt an=
" 27.1. gulialeerni BA C, A CE aquales....Rurfus quia
-AB,CE parallclz funt, & in ipfas caditreta BD,

€ prop. ¢ erit externus angulus E Q Dy»qualis interno, & -
38. 1. .oppofito A B C:oftenfus gft autem & XCE gq:tg- :

lisBAC. Totusergo A C Dzqualis ¢lt duobus
© dnternis , & oppofitis B'A C, AR C. ‘Appenatur
- communis A C B: & erunt A CD, A CBaduales
dprop: tribus ABC, BCA,CAB: 4 fed AGD,ACB
234%: zquales funt duobus reQis: ergd E AC B, € B A,
S A B xquales funt duobus re&is .. Ommis ergo

_ wianguli, &c. Quod oportuitdemonflrare.s

Propof, 33. Theor.23.
Lines relde, que equales & pavallelas lineas
" adeafdem partes coniunguns » & ipfe
" @quales funts & parallels . _
A .. B: “_Int‘z' uales, & paralle-
' B S le%,Cl’).cafquead
3 eafdem partes coniungant
5 . f . reGae AC,BD Dico & 1p-
€ ‘P fasAC, Dgatﬂlglos &
R S les efle. Ducathr enim
- BC. QuontansA B, C I paratiele tmt & miip -
aPp. Geincidit BC; e eruntanguli alecfni AB C, BC

71+ P gquales. Es quia.A B,CDequales fant; codr
[ T > . munis
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munis addatur BG; eruntdue A B; B.C, dnabus
B C,C D zquales ,cft§; angulus A BCanguloB
C D =qualis. b Quare & bafis A C,ball B Dequa- b Prep.
lis exit ,:& tsiangmlum A B C.triangulo BGC D; & 4.1.
reliquianguli reliquis, alter alteriyquibus 2qualia
alteri fubtenduntug ,®quales.erune. Eftergoan- . ..
gulus’ ACB angulo. CBD ®qualis. Ect quia in
duasre&as A C, B Dincidensre&a B C, facit an~
gulosaltesnos A C B,C B Dgquales; c erunt A C, <27+
B D parallelafoften{z autem funt & equales. Ergo 27 ¥+
diriex reCte ,qua Xquales;&c,; Qucd oportuic de-

monftrage. . - v L
L S AR T
- vn- o Propof.34. Theer.age- = -~ ° F

Parallelogrammorum [paciorumyqidex ads
“wero cr latera’, o angulis funt e
[e aqualia, cag; diametrus bifecat. =
‘E'S;t‘o éaraliéfégfiém,lum AC DB diametrus
‘&> "BC, Dico parallelogranithi' 4 € DB, qu¥
ex‘adutefo,liters:& angulos,¢qualia efitsead; dia-
Jivmetrym BC bifariam fe-

A B care. Cumenim AB,CD
- "~ parallelz fint, & in ipfas
o “ dncidat B C; a erunt anguli 327ep.
. ¢ s alterniABC,BCDegqua 27-1.
f < - . les. Rurfuscum AC,BD

T I e fint parallele, & in.illas in-
.gidat B C, b. erunt & anguli alterni A'C B, @B D b prop.
xquakes i Due-esgotriangwk AB CCB'D ha- 27:1-
bent dyos angulos A BC, B CA, duiobf BCD,™ *
.C B:D zquales ,alyerum alteri, & voumlatus, vai = - -
Jateri,quod adiacet.angulis xquﬁibus,v‘triq;com-_ LS
LA _ ; C = mune

i
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prop. mune B.C.c Quare & reliqua latera reliquis, alte-’
. rimalteri,& reliquum angulum reliquo, 2qualem

habebunt.zquale ergo eft latus A Blateri CD; &

- AG,ipiBD; &angulusB A Cangulo B D C, Et

eumtamanguli ABC,BED,quam CBD,ACB

dax.a. aquales fint: derit & torus AB D, toti ACD 2

qualis.oftenfus eft autem & B A C 2qualis BD C:
Parallelogrammerum ergo fpaciorum qua ex ad-
uerfo, & latera,& angulijinter {¢ zqualia funt. Di-
co & diamecrum illa bifariamfecare. Cum enim,
A B,C D zquales,& B C communis fit : erunt duo
latera A B,B C,duobus C D,B C xqualia,alterum
alteri ; & angulus AB C 2qualis angulo B C D:

eprop. eerit ergo & bafis A Cbafi D B zqualis ; & trian~

PR

gulum A B C wiangule B € D. Diametras erge
BC,parallelogrammum A B C D bifariam feear.
ngg‘;pouuit demonftrare. L

X Propol.35. 'fhco;.z 5

* ‘Parallelogramma in eadem bafi ;& in iff. deb

. pavallelis conflituta s inter fe funt -
o aqualis,

S ’Vﬁt"o parillelogrammz s BCD, EBFCin
bafi B C,& in parallelis A F in B Cronfituta.

. : Pic«()é B‘._CD fq\lé.

Y U B -l e efle:ipii EB FG.

A D E F Cumcni?m,\lﬁCD,

. N\ .G ) - parallelogrimit fit;
aprp. J - wenmicB €;AD,2-
AR ©T 7 ‘quales: eandem ob

5L o w € cafamEFR,BC -
baxasoco 2 T 0 et oqualeyerant; bvnde

R &AD
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& ADiphiE Faqualiserit; & communisell DE: ¢ gr.3..
ecrgotota AEtoti D Fzqualiseft . Eftdverd & dprqp,
A BipiD C zqualis: duzerge E A, A B, duabus EYN N
F D, D C xquales funt, altera alteri; fed & # angu- efprop,
lus,F D C,angulo E A B zqualiseft , externus i~ 24,5,
serno : fquare & bafis E Bbali F C equalis erit; & § props
triangulum E A B triangulo F D C. Commune 4. 1.
D G E auferatur;& eritg reliquum trapezium A B gax.3.
G D, reliquo EG F C zquale. Apponatur com-

munis G B Criangulus: b totum ergo ABCDhex2,
parallelogrammum,teti E B F C ®quale eritergo
parallelogramma in eadem bafi, &c, Quod opor-

tuit demonftrare, L

© . Propol.36. Theot.36. - ‘
Parallelogramma in qualibus bafibus) &
" inijfdem pavallelis conititutasin-

. ser fe funt equalia ;- -

Q Vow pﬁnllelogrammz ABCD,EFGH fu-
per xqualibus bafibus, BC,F G; & inijfdem
, . parallelisA H,G B

. . conftituta.Dico illa
A DE - H - effe zqualia-iungan,
. turenim BE, C H.

Quia enim B C, F
G, zquales funt:eft-.

: K . .- que E G qualis iphi '
B,' CF G EH;aerit& BCPip._“,x
SE H xqualis: b funtverd & parallelz, conitn-}, oy,
gentd; ipfas re@z BE,C H. ¢ Qug autem ¢quales, 33. 1.
& parallelas ad eafdem partes eoniungunt , zqua- )

[+
les, & parallel funt : QuarcE BéC Hzquales,& 3;?{ )
i 3 patal-

i
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Afrof. P@rﬂlelz funt:dergo EB € Heft paraﬂélégrain—i

39.3. mum; eftd; wmquale ipfi AB C D, quippe eandem
cum illo bafim B C habens; & in ijfdem parallelis

cax 1. B-C, A Heconftitutum . Eandem ob cauamEF G

H eidemE B CH eft zquale. e Quare & ABCD
patillelogrammum xquale et E F G H parallelo-

gramme . Ergo parallelogramma,&c. Quod de-.

monitrare oportuit. -

' .. Propof(.37. Theor.27.

Triangilafuper eadem bafi , & insjfdems pa-

vallelis conflituta > inter ¢ [unt aqualia.

Vuto triaagula A:B C,D CB fuper’eadem bafi
J B-C;&inijfdem parallelis A D,B C conflim.
ta. BDig) manfulum

. T A zquale effe
E_A D o triangulqu BC.
Producatur A D,
virinque ad E, & F;
aprop. o : / . «& per B ipfi CA,
33.1. B C per Cverd1pfiB D,
- . s «parallele -ducantug
BE,CF. Verumd; ergo EB AC,D'B C F paral=

b prop. lelogrammum eft: b funtq; x£qualias quippe inea-
35.1. dembafi B C;&inijfdem parallelis B C,& F con-
cpeop. fiituta. ¢ Eteft parallelggrammr E B C A Nimi-
34.1 dism triangulum A B G, diametrusepim AR ip-
fum bifecat: Parallelogrammi verdD B CF, di-

, midium eft triangulum D B.C; nam diametrus D
d ax,7, C ipfum bifeear . ¢ Qu aatem 2qualium func div
. midia, & ipfa funt equalia . Triangula ergo fuper
- ..+ eadem bafi, &c. quod oportuit demonfirare .

Pro-
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+Propof.3 8 Theor.28,

Tr:augulu [uper equalibusbafibus ; & in
# (dem parallelss conflitmsa s inter fe:
funt equalia.

S Vnto trizngula A B C, D B F fuper 2qualibug
haﬁbus .B CEF; & inijfdém parallelis BF,,
D A conttituta . Di-
. cojilla efle zqualia .
ﬁ AA D ; H ;"oducatur gmmA
AN i Dvirinq;ad G& H.
+ a Atqueper B, & F apro
S J duca‘rlicu pf's C-A, 3}” P
DE parallele BG:
B c’nE FH, ‘P:ntq, virumq;
aL GBCA DEFH,
paullellogummum b Ecfupt analm qmppefu- b prop.
per equalibus bafibus B C,E F, & nijidem paral- 36-1.
lehs B F,®H:conftiuta;c eﬁq ytriangulum A B C cpref.
dimitliug phr :Lﬂelogmmml G B C Az ipflumenim 34T
diamerrussA Bbifecat: Et triangnlum FED eft
dimidiumpatatielogidmmi D EF Hs enam & ip- eprop.
fum dlametrus F D bifecat. ¢ Qua autem xqua-; 34. 1.
livm fupt dimidia, & ipfa funtzqualia . Triangu- 4 ax.7.
lum igitur A B C eit zqualetriangulo DE E. Qu
retriangula foper xquahbus bafi us , &, uo
opomut dcmonﬁrare .

Sb A C ‘¢ Pros
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Propofitio 39. Tlicor: 29,
Triangula equaliafuper cadems bafis¢~ ad

eafdem pares conflituta » in ijfdems
fuus paraliclis .

Vato riangula zqualia A B C, DB C fuper.
eadem baft B C conftituta.Dico illa inijfdem
: . efle parallelis . Duéta enim

AD, dicoillam efle paral-
aprop. A D lclat:_l ipABC, Sinon. #
31.1. ! Ducawr per A ipi B G/pa-

rallela AE: ju ?é}g}flurﬁ
b orep. - C,berittriangulumAB C

prop. S zéua‘.letri_mgnio'“n.B < -

35. 1. B . C--  funtenintfuper cadem bafi
. oo BC, &inijdem parallelis

BC, AE. Sedtriangulo ABC zquale ponitur

(¢ ax 1. triangulum D B C. cerit ergo D.B C triangulum
‘ xquale ipiE B C triangulo maius miaori; qued
fieri nequit:non ctﬁ:) AE parallela eft ipfi BC,,

pati modo demonftrabimus quod nullaalia pree=
-tet AD. Sunt'igingAD;B.Cparallele. Quare
triangula zqualia fuper eadem bafi, &c. Quod:
 opoituit demondirace . _, A TN

Propofitio 40, Theot.30.: :: -
Aequalia triangnla fuper aqualibus bafibus ,
& ad eafdew partes conflitutdsin -
#j/dem funt pavallelis.

Vato qualia triangula- AB.C, CBE fuper
xqualibus balbus B C,C E conttituta, Dice

illa
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“illainijfdem parallebs efle. Sinqn: & Ducatur aprep.
pcr}hpf BEpzmllehF A.iun&ac¢rgo FE,berit 31, 1.

triangulumi: A’ B C 2quale b prope
B D~;. triangulo F C E. Suntenim 38,71,
A >, fuper aqualibys bafibus B
. C,CE, &inij{dem paralle«
{- lsB E,AF Sed triangulum
1 - ABC gqualecrizeft trias-,
gulo D C E: ¢ critergo & cax.1.
R C >E CElpf FCE xquale,

T maius mineyi, quod fieri ne-
q;u:,non etgo AF ipfi BE parallefa-efvSimilitet
eftendemus,quod preter A Dynull2alia . A Dier~

oipfi B E paralleli eft. Triangulaergo 2qua~
ga,&c quod demonﬁrare op‘ortmt. _; !

Propof 41. Theor.;r. N

Stfatqblogmnmum » mmgulum m- .

- dembabuerint bafins » inrd; in qfdcm S
pnrallclx;r,mtparallelogrammum ’

g dup[ummanguh. L

.‘A 5

5

S Int p!ulleiogr’;mum
AB.CD; &triangu-
hmEBC ffyper eadem
o SRR baf‘BC,&xm;&lmpa—
-3 NS/ " sallelis B C,A E.dice pa-
BoCl ;' v rallelogrammum A B C
A5 %S w0 D duplum -effe erianguli
v 2" . BBC, Dufta-enim AC; :
werit manguham ABC ‘wquale trianglo EB C: a prop,
habent quippe eandembatim B.C, & fintinijidd 3;. 1

~2i'4 pllll-

’




bprop
34 1.
¢ ax.1.

a prop.
10. 1.
bfn.vp.
23. I.
cprop.
gl .

'd;np.
37. L

¢ prop,
41. 1,
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patallelis BC, AE. Sed prisllelograminum-A B;

C D duplim efbrianguh A B Cibdiamttrus enm-
A Cipfum biferatc ¢-guare & teianguli E B C du-
plum eric. Siigitur paraktelogrampoum & grian-’

gulum, &, Quod demonfizare opdruit. ¢+
oy Ay T T

.. . Propof.43. Probl. 11..

Dato: triangulo 'eqaale fparalklogymr}gum

. conStithere in'datg ‘t'm;ulo réclilineo-
PR R SRR RS s - .
A [ ;‘"-“'hiF‘ ¥ ¢} ';"'zs' ‘Sto tﬂltunﬁri-
T o ea i B fangmldABCr
" /- dagisc apgulus ‘redis

Jo /= lindus D dporteat o
o fo D gemariangule ABC
B E C ¢quale paralleloged~
R R 2{3!2: cofiftituere in
dato angulo D. a Bifecetur B C in E;iungatur A'E;
& b eonlinaturad sk Cungulo D zqnalis,
angulus GEE. Atd; ¢ per A quidem agatur ipfi
E C parallela A'G.per CvergipfiE F parallela C
G,eried;F E CG paallelbframmuim Et quia BE,
E C ®quales fune, ¢ ;Qnﬂt&'-t’!’g;:
C aqualia ; quippe fuper zqualibusbafibus BE, B
C,&ih yjfdemparalltlis B C,4 G conflituta : du-
plum ergaefttriangulumy A B'C wianguli AEC:
fed e parallelogrammumt FE CGduplum quégq;
cft trazhgulii A E C1 ) Suht enim fupereadem Bafi
EC, &mijfdemparallelisEC, AG? eft ergo ga-
rallelogrammii F E C G.equale triangulo AB C;

" habetq; angulum C E'F @équalem dato Ingule'D.

Dato ergetriguto ARG zquale parallelogram-

. mum EE .G G conltiteui £k in angulo FECy
- dato angulo B, zquali . Qped facere oportuit.

Pro-

ngila ABE,AE
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o "I.’r'opof.4;-. -Thleléi'.’abz.- : ;  i

Omnis paralleiogrammi » eorum que civca

* diametrum funt pavalleloFvammorum
. complmggtq funz‘?{gff 'o\eqlgqliq.. N

L o  IE ara}'lél'p’g'rammuxﬁ;.ﬂ .
A H S %D, dizmretrus eivs A
E {g. C;circaAC parallelogram- =
' NG ‘ma fint EH,FG: & quedid "
. cuntut complementa BK, K
B e @ D. Dico complementa -.Ii“!i'; o

KD=quatizefle; quia enfnd

A B CD parallelogrammum:eft,; diametraseius A '

-+

C; fita veriangula A BG;:A D € 2qualiafine. 2 #7P-
Rurfisquia EK H.A parallelogranimumeeft, eins' 34 I;
diametris A K: 4 éranteriangula B A K,AHK »- bprofi

lias Banidem ob caufam erint Zqualia criane 34+ %.

gilakK F O, K'G C. Cumigitur ta triangula-A-

EK,AH K ,quain K G C,K F C fiit'zqualia; eriic

& duo A'E KK G.C,duobus A H K,K F C zqua-
lia . BR verd & totum AB C toti A D C zquale:
igitur reliquo. complemento K D, reliquum BK
eit zquale . ‘Omnis igisur: parailelogrammi , &e.
Quod éportuitdemonftrare. - - B
Propof. 44 Probl.1z.
oAd datam reflam lincams dato sriangulo e~
« guale parallelogrammum applicare s
in dato angulo reQditinco.
Tedarare@a A Bydatus triangulus €;datus ags
gulus reQilineus D. Oporteas autem ad da--
- tam
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tam re&am A B dato triangulo C zquale paralles
logrammum applicare in angulo zqusli angule
aprop. b D. a Conflituatur
; triangulo € zquale

.1, :
* FE: K paral?elogummum
"' . BE FG in angulo
; ‘ M D ‘ {SB G xquali angu-
: E - oD, & iaceatBR
R ‘HL . 'h_/ ipfi'AR indire&um;
b . : 20 0w - produsatur E G ia
7P 1, b per Adltdrutri ipfarum B G, E F agatur pa-
31- 1 pallelaA H,& iungacur HB. Etquix in p:rallc%as
CPrP AJH,E Fre@a HF incidit,c erunt anguli A HF,H
39‘ '+ EEduobus re&is. zquales: d ergo BHG, GFE
“%:9- duobus redis funt minores : e quadutem i mino=
- $4%Ueribus angulis quam fint dud re&i in infinitum pro~
.- -+ ducuntur , concurmmt ¢ igitur HB, FE predudaz
f prop.. concurrent;concurrancin&; f& per K ad alrerus
3t.3.; tramipfarum E A,F H.ducatur parallela K L,pro-.
du&is H A,G BinL,M:eritigitur H L K F phrdl.-
g prop. lelogrammum , diametthis eiis H K: g parallcloa
43.1. gramma circa H K,erunt AG.M E. Complemen-
hprop. taLB,BF:hergo L Bipfi'BF equale eft:fed & C
43. 1. ipliB Feft 2quale: i erivigitur & L B iph C 2qua,
Tax.t. le. Et R quizangulus GBE 2qualis eft angulo
kprop. ABM;&G BE gqualisangulo D:lerit & ABM,
15. 1. ipfiDzqualis: AddatamergoreGam, &c.Quod |
lax.s. facereoportuit, - o o
. Propof.45. Probl. 13.
Dato vellilineo aquale parallelogrammum
couflituere in dato angule vetilineo .

Sto datum re&ilineum A B C D: datus angu-
lus reQilineus E, Oporteatautem iph é\ B
. D
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€ D zquale parallelogrammum in data angulo

B conflituere. iungatur D B, & a conflituaturtrian 5 prep)
. gulo A B D 4’. 98

Lo >quale paral
mogrammﬁ
FH imangu-
lo HKF z- :
- : » ‘quali-angulo
A B 3 Hu o g Dcinde-b bpreg,
RN - 77 applicenur-ad 43,1,
lineam G H ‘parallelogrammum G M triangulo .
DB C 2quile,in angulo G HM zqualiangaloE. por
B cquiaangulus E wtiqs HK F,G HM eft aqua- g, 9.
“Jisserint & HK F,GHM #qidles : 3ddatur com- -
muhisK-H G: 4 ergo HK F,K H G 2quales eruat dax.2»
hisG'H M,K H G: athi e funt arquales duobub re- e prop.
&is; ergo & illi. Quaread purtum Hre&x GH 29.. 1.
‘pofitz funt dux linex K. H, H’'M fon adeafdem -
partesfacientesangules deincéps xquales duobus
redtis, fin dire@tum ergo erunt K H,M M. Etquia f rop.
in‘pirillelasK M, F G re@ta incidit HG; g erunt 14, ¥,
. angulialterniM HG,H G F zquales: Communis, g prep, -
appotatur H'G Lz erunit ergo hiM HG, HGLy 27, ¥,
his H GF, HG L, zquales ; K atilli-funt zquales iqx.a,
-diiobus re&is : ergo & hi : Lin dire@um ergo e ¥ k prop,
-G iph, GL. ErquiatamK F, RGquamHG,M 29, 1,
Lxzquales & parallelz funt : merune¢& KF,M L 1prop,
“equales & parallelz: & coniunguntillasre@eK 14. 4.
M,FL: nergo& KM, FL zquales & parallel m prop.
erunt, Parallelogrammumergo et KFL M. & 30, 1,
cumtrianguium A B D 2quale fitparallelogram- n prop,
mo-HF; & triangulum D B C parallelogrammo ;5 7,
G M, erit totum re&ilineum ABCD totiKFL
"M zquale. Dato ergoredilisco A BCD 2gua\l- _
A o o e |
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le para),lelag(amm conftituimus K. FLM; fn
o aagumdam B« Quoddacere oportebat, . -

Propbﬂ 45, Probl.ig. ‘¢,
.4 datavecs bn\a q\ndmm‘l def?ribm ¢

hSto d:m re& A B,.B qua. qg;dmmm.dddi

bere oportdat i Diicatur 4 puffio Arefie

1?"! A B ad angylos redtos A C;& fiath iplf A B ¢qua-

re.r .
- g s LAsAD; &:}DxpﬁrABa atuy
hP"f; B ] pamllclaDE iper B ;vcr%gpﬁ
f;” ‘ D .. ADducanir parallela BE: efter
frefl, - lgo A DE B parallelogrammum:
b prop. bvuchB:ﬁDE,&ADIPG
361, . BEazqualiserit::c fed ¥ ARz
- ... qualss et ipG A D; Omnes ergo

f‘it::;? LA B ~quatuorB A, A'D, D.E,BE funt

e ,zqu,‘les,cﬁ ergo ADE B zqui-

laterum dico quod & retangulum , Cam enim-re-

d?""P &a A D in parallelas A B, DE inc1dt, d erung an-

29. 1. guliBAD,ADE a,qu:des duobus redlis. ¢ reQus

Eper _autemeft BA Biergo & ADE. £ Paul-le,logmm.

* mOrum autgm 'pa.cmrumranguh & Jaer quze ex

£ prop. aduerfo,azquzlu fune; erit agitur veesd;, "ABE,BE

34 T p re€us: re@angulum jgitur et A D E B.. Qftenw
g ¢¢f. famautesm et & a;qmlaterum & ergo’ efl quadra-

37, twum; &ireda AB dcfc.uytum . Q_odopo::ebat

ﬁcere. S L

’

Ptopo‘ﬁcio 47. Theomq;.
In vetangulis priangulis,quod d latere re&mﬁ
angulum [u 6:mdm¢ dc['cr:bnur quadra~

., C s,

|
|
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=i tumyaqualecft illis;que dlateribus vellum . .

comprebédentibus deferibuntiquadraris .

AT Sto trisngulum re&angulum AB C, redum
E haberis B A C. Dico quadratum 3 latereB
C defcriptem , zqual® efle quadratis & laxeribus B
A, A G deferiptis. 4 defcribantur ireisBC, B
P e S A AC quadrata B
e ... .DCEGBHC;&

H .o .obper Ayvirigs BD,

CE agatur paralle~
. la AL iunganturq;
- AD, FC. Et qua
- «wrerq; angalorum B
AGC,B AG reQus
eft, funtq} ad pun& i
Alinex A Bdua re-
&z A-C,A Gpofitg,
faci€ces angulos de-

. “incig duobus re&is

G CEt o aenr o equ cerit AG
ipf A CindireGum. Eandemob C;:I 12t AB
apfi A Hin dire@un, Evguia angulus DBC 2.
qualis eft angule EB A, quod: vterg; fif’rcQus , 6

aprop,
46. 1,

b prop,
31. 1,

c prop.

14. 1.

apponatur communis ABC: 4 erjgYoms DB A, dax.3_

woti F B C2qualis. Comque duxz 8 B, B A, dua-
bus B C, B Fzquales fing; altera alteri, & angulus
DB A,angulo F B C zqualis;

5-eeric&bafis AD, ¢ P;‘o['; :

bafi F C zqualis, & teiangulum A BD, triangulo 4. 1.°
F B C: feftq; trianguli A B D paraitelogrammuni t prop,
B L duplum; habentenimeandemBaimBD, & 4..1. .
funtinij{dem parallelis BD,A L) ¢’ Ttianguh ve g prop,

t0 F B C duplom eft quadratum G B; habensteaim.

v

eandem bafim . B, & funt inij(emparallelis E'B,
. GC

»
C. - .3

4!’;",

Vo
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h ex.1.G C; b quz avtém zqualiviis fime'dupla , 2qualia
inter fe funt:parallclogrammum grgo B L xquale
eft G B quadrato.Eodem modo iunctis AE,BK de
mon-ﬁra‘lH:"thr“C Lrequale efle quadrato H €: To-
tumbrpo quadratum D BE.C ®quale eft duobus
- GBHE quadatis& e DBEC iB C;ipfave-
7.7 toGB,H CiBA,A Cdeferipta ; Quadratum er-
" .goiB C defcriptum 2quale eft quadracisd B A,

A C defexipei' In re&tangulis ergoTriangulis,&c.

Quod oporwit demonfirare.

‘ , ',Pro;'pdf. 45. Theor. 3§..

8§ quadvatuns ab ywo triang;li‘:mcn deferi-
prum, aquale fuerit quadratis dvelsquis
lateribus defeviptis angulus dveliquis late=

s comtemtussrecius erit .

D E Sto quadratum 3 latereB
& Crrianguli A B Cdeferi
© . pum,¥quale quadratis 3 laterie

i bus B:A, A Cdefcriptis . Dico

a prope « vangulum BAC reQumefle. &

i1, ‘Ducatur eniwr ab A pun&o li-

’ B C nex A C ad angulos re@os res

: . @aAD,&fitbADipAAB =-

b prap, qualis,ingaturq; DC Et quis DA,AB ¢quales siit,

23 erit & quadeacum ab A D defcriptom 2quale qua-
- - “dratoab-A B défcripto.a pponatur commune quad
c ex.>. dratomiab A Cdefcrirtum: s erunt igitur quadrata
ipfartm D AjA Cequalia quadratis ipfarum B A,

dper A-C.:Sed quadrata ipfatum'D A, A C zqualia fuae
‘ruid, Quadsato ipfius-DC. dangulus enim D A C reéins

cft.
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eft . Quadratis autem iplarum A B,A C ponitur -

quale quadratum -ipfius B C. quadrate ergo ipfa«

rum D C,B C funt zqualia: ergo & latera . Et cum

A'D, A B aquales fint; gommunis A C, igitur.dua

D A,AC,duabus B AjA Cfunt zquales y & bafis

D CbafiB C: e erit exgo & ungulus D A Cangu- eprop.
1o B A C zqualis: Eft vero D A C redlus: ergo 8.1,
& B A.C reus eriv.Siergo quidratum,&¢; Qiiod
oportuit demonftrare,

EVCLIDTS
L ELEMENTV.M .

ke : ARLAN
. mﬁ”’t‘”“. ’- Y’_ Y s AT

Mnepanllelogrimmﬁ re&anguhq B

’ ! é’ontxh‘etik}ic’i:d'r g drxabus.re‘&feli-. N

. 2 mets angulum, re&tum comprehens: 7 T

PR S=2 dqmbn:l'.‘;,l{tin)n”ﬁ:. ﬁl:ﬂl(b‘-'
i B H contineonr d bineis. B Cy B'G, i angun

Zmrcgmnuutiném;n.iuu R

.+ o Parallelogrammi fpacij vaum eorum ; qui

circa diametrium funt parallelogrammorum y cum

duobus complementis gnomon vocetur . ¥¢ i

fropofis 5. figura € BF G H L consansa parallelograms,

wis- DL F, ey 1“440'4{(0])0.; o uwmlbans

P . Pro-

)

Ve
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Si fucring dua recdalinga s quarum alterafe~

< cetur in quotcang; partes , reflangulum ab
7T ipfis consentum , gquale evit reclangulis ab
L infetla, O fingulis fella partib. cantentis «

Int duxere@2 A,BC,

B DEC quarum B C fecetur
: vecung; in D, & E. Dico
re@angulum lineis A, & B
_ - -+ C contentum zquale efle
Q== * - reftangulis contentis A,
ol R BDiEADE A EC,
ey, @ Ducatur enim ex Bipft
aprop. . B C-ad.angulos re&tos B
11, 1o F,fatd; bipfi AzqualisBG; & ¢ per G ipliBC
b prep. parallela dueatur G H; per D, E, C verd ipiBG
3. 1. paraktele ducantur DKEL,C H. Eftautem BH
€ prop. aquale ipfis BK, D L;EH. Nam B H eftre&an=~
31.1. gulumipfarum A,B C;Continetur enim ipfis B C,
BG; & B G cftipfi A zqualis, BK, eft re@anguli

I}
-

s - -

ipfarunrA,B D; Coatinetur enim reis G B, B-Dg -

fiquidem G B ipfi A 2qualis efts DL eft reQangu=
lum ipfarum A,D E;nam & DK zqualis eft iphi Al
&fimiliter EH eft re@Gangulom ipfrrum A;E C,
'Eft ergo quod A, B C continetur 2quale illis, qua
A8 DA, D E;& A,EC continentur . Si erge fues

tint duz reétz, &c. Quod opertuit demonitrare &

Ah AW
v - Pre-

\

———— . ————— ——————



» LIBER IE  §x
1 ; Pmpofz. 'Pheor. 3,
Sirectalinedfécetnr vecunque , evunt vellan-
. gula, gug totacy parsibus conmmupr >
' aqudm qudmro,quod fit atomt !

M
t

E61 AB fecetur vtcinﬂ, in

A __CR- C. Dico re&anﬂﬂi;phs A
N B,A C,& A B,B C c6tenta,gqua-
. lia gﬂe,quadrato ipfius A B.e De-
- feribatur fuper A B quadratum A
BDE, & ducatur per C ad vtrig;
D . F g AD,BEparallela CF. b xquale
ergo cft A Eipfis AF,CE, Eftau-
temAE quadratum ipfius A B, r¢&anvulum ipia-
rum BA,A Ceft AF; Conginetureniin iplis A D,
AC; &t A Diphi AB zqualis. CE continetur.
AB,BC; Eftautem BE xqualis ipfi AB; Ergo
qu:tA B, ‘A C; & A B, CB centinentur zqualia
funt quadra.to xpf usA'B. Sie ergo reQta linéa , &e.
%od demonttrare opottebat.

Propo( 3 Thear.;. :

- Sivedalinea Yicung; fcmm‘ ) erit nﬂangu- o
Ium totas s wus purté contentum , aquar ~
leviitangulo parsibus tomcnto,a'quadra- :

. to ddilia parte deferipto .

RE&: A B fit vecunq; fe@ain C. Dxcoqc&an- o

guluh A B,B C contentum , zqualé efle , &

aprep.
46. 1.

b prop.

I. 2,

s S

re&angulo AC,CB; & quadrato BC conteato. -

D a2 a De~
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aprop. 4Defcribatur enim 4 BC quadratum C D BE pro
46. 1. ducaturq; ED inF; & & per A virid; C D, BE pa-

b o ~ rallela ducatur , A F: ¢ Ergo
3 11.”:? A q B . AEgqualeell,ipfis AD,C%.
cprop. [ —} Eilg; AE, rectangulum ipfis
1. 2. . A B, B Ccontentum : conti-

netur enim ipfis AB,BE, &
ddf. 1 1 . . deftBE iph B C zqualis.
7.5 2T p "B ADverdeit re@angulum ip

e - . farumA €,CB; eftenim D
57" Ciph C B zqualis. D B, deniq; eft %uadratum ip-
“ " fius € B. Re@Gangulum ergo A B,B Ccontentum,
zquale eft A C, C B coutento , vna cum quadrato
<" ipfius C B. Siergo reétalinea ,&c. Qiod demon-

.+ firareopormit, ., . .

c

L Propol. 4. Theer. 4. - =
i redla linea wecinds fecetior 5 quadrataws o~
“-tius equale erit & partium quadratis, .,
", ¢ reclangulo bis partsbus contento.

REch A Bfecetur vteunque in C. Dico qua~
aratum ipfius A.B 2quale efle quadratis ip~
aprop. faram AC,CB; & teﬁzn'gulo bis A C,CB cqu-
46.%. tento . « Conflituatur enim fuper A B quadratum
. bprop. AD E B,ducaturq; B Dsach per C vtrique A D,E
31. 1. B'ducatur parallela CF; per G verd vtrigs AB, D
¢ per - Eparallela HK. Etequia CF,A D parallela funt
- inipfafq; incidic B D, deric externus 2ngulus BG
dprop. C zqualisinterno & oppofito ADB: ¢ fcd ADB
29 1. eft xqualisipfi CB D; quod & latus B A Jateri A
eprep. D fic mquale; ericigitur & C G B angulus, zqualis
% ¥+ GB Cangulo. f Quare & Jasus B Clateri CG a;-
- R - qna {4
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quale erit: g fed & CB ipfi GK, & CGipiK B £ prop.
eft zqualeseritergo & G K ipfi K B zquales-zquis: 6., - -

, - laterum ergo eft C G K B.Dico
A’ ' cCB quod & re@agulum. Cuor enim g;, '
_ CG,BK parallel= fint,in ipfaf- :

B < § gueinadat CB; erunthanguli h prope
K B-C,G C B zquales duobus 29. r.
re@is: ire@usautemeft K BC; 14ef..
— ‘etgo & G C BreQuserit:k Qua 7. 1.
- B FE re& qniexaduerfo CGK,G kprop,
KB re@i erunt ; reangulum igitur et CG K B. 34- Ie
Demonftratum autem éft, quoad & zquilarerum : -
quadratum [ ergo eft; & eft 4 C B defcripum. Ean- - 1. defe .
dem ob caufam & HF quadrasumeft; Scoltab ¥ 27. 1.
6 deleriptum,hoc eft,ab A €. Sunt ergo quadra« -
taHF, CKabiplis A C,CB defcripta. Etquia
A Gipti GE m zquale eft,efique A G quod A C,G m prep,
B continetur; funsenim G C; C Bzquales; erit & 43- 14
GEzqule AC,CB contento. ErgoAG,GE
zqualia funtbis A C, C B contento . Suntautem. .
& H'F; C K quadrata ipfarum A C, B C-. quatuor
ergo H F,C K,A G,G E ®2qualia funt, & quadratiy
ipfarum A C,C B; & re&angulobis A C,C Bcon
~ fento . Sed HF,C K,A G, G E conftithunt totim
A DE B, quod eft quadratum ipfius A B.” Quadra=
tun ergo iplius A B ®quale eft quadratis ipfarum
AC,CB, & reftangulo bis A C, C B contentos
Siergo,&c. Quod demonftrare oportuit.

Alia demonfiratio . *

cho quadratum ipfiiis A B equale effe quadras
tis parcium A C,C B,& re&angulobrs A G,
€ B contento, Ia eadem figura,eum B A, AD fine
s 3 &quae
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3 prepe. xquales , serunt &anguli A BD; AD B zquales.
§. 1. Bt b cumomnistrianguli tres anguli 2quales finc:
b prop. ducb. re@tis;erunt & erianguli A BD tres AB D,A

3s. 1. PBBAD aquales duob, rettis.c &eABAD re--

¢ per’ Qusiergoreliqui ABD, AD Bvni fefto zqualés;
Puid: cumq; fine quales , evit vierque femireéins . d ren-
" d per &usautemeft B C G,eft namq; xzqualis angulo bp“'
Pruéd, pofito ad A; reliquus ergo C G B femireQuseft: f
& pev igitur equales funt CGB, CBG:g q_u;irq & Jate-
29. 1. ra BC,CG 2qualia exunt: hfed C B-xquale eft ip-
f prop, 1K G,& CG ipfi BK:erge CK eft zquilaterum;
32. 1, icumg; habeatangulum CBK reGum: quadrae
g prop: tum erit C K, & quidem, quod fit ex C B. Eandem
6.1. ~ db caufam quadrasum eft F H, eftque 2qualeilli,
hprep. quodficex A C: funterga C K, H F quadrata ; 2=
33. 1. qualiaque quadratis ipfirum A C, C B. Eck.cum
i-per . AG,E Geequalia fine, fitq; AGid, quod AC,CB
Pra, . continetur,funt enim C G,€ B 2quales:ergo EG
k prop. 2qualeeft eontento A C,C B: igitur AG,GE »-
43.1. qualia funtbis A C,CB contento. Suntverd &
CK, HF ®qualia quadratis ipfarum A C,CB:
Ergo CK, HF, AG,GE zqualia funt quagraris
iplarum A C, C B; & bis A C, C B contento ;, fed
CK,HF, AG,GEtotum A E conftituunt , quod,
eft ipfius AB quadracum. Ergo quadratum ipfius
A Bzqualeeft quadratisipfarum A C, C B, & re-
&angule bis A: C, C B centento . Quod opertuit
demonflrare . o N ‘

Corollarism .

quz circa diameteuin funt, quadrata effe.

EX his manifeflum ef¥ in quadrati fpacijsills ~

- -

STe Pre-

.
PR PR,
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Propof.s. Theor.s. |
Sivedla linea [ecetur inaqualia, & in ine«
qualia, erit veitnguluns inaqualibus to-
tius partibus cantentusis yna cum quadrato
linea,qua inter [eédiones interijcstur ayua~
leei, quod d dimidia fit quadrate, .
RE&; A B «fecetur.in 2qualia ad C;ininzqua u[:‘i'
. lid ad D. Dico contentum A D,D B re&tan- )
gulum cum quadrate quod ex C D, zqualé ¢fle b prop,
quadrato ipfius C B, b—Defciibatur. enim fuper B 46. 1.
C quadratum CEF B; & ducatur B E; ¢ atque per ¢ prop, -
D viriq; CE, B F ducatur parallela DG: per H 46. 1.
verd veriq; CB, E F parallela K O. Rurfufq; per
Avrrig; CL, B O parallela A K; & cum comple- d

- menta C H,H F d xqualia fint, fi addatur commu= | P'ff{ -

ne D O; exit totum C O, rorti D F zquale, Sed C 4315
o : Og¢qualeeft AL;quod . -
C. D . B &ACipAi.CBfhix-.. .;
8] qualis: eritigitur & A
TARPA L :{pﬁ D F zquale:. §i
A M H addatur ¢6muné CH,
X L /X / e:}u Al H }pgs DE,DL eCoral,
P zquale: fed A H,con- 4.props
EG F tc?:tdAD,DBeﬂ::e— 2.
vale; eeft enim, & DH ipfi D B zqual:s:. F far.bs
D,D L autem funt gnomon M'N X: f ergo gno~ -
mon M N X eft zqualis AD, D -B contento . SiL - -
Geommune, quod et 2quale quadrato exCD,
addatur: erunt M N X gnomon, & L Gzqualia  © »
contento A D,D B, & illi quod ex C D fic quadra~ -
te. SedgnomenMNX, & LG touum CEF B
v - D 4  quis
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quadratum,quod eft quadratum ex C B:ergo A D),
D B contentum,cum Egad.rato‘qnod’ﬁt exCD,z~
uale eft quadrato ipfius C B. Siergo re&a linca
chtux,&c. Quod oportuit demonftrare .
.. . Propofitio6. Theor.6,
SiveBalincabifecetnr , id; in direlum qua~
dam reéla adijciatir ,-erit vellangulum »
- quod fit ex tota compefita, & adiecta, vad
, - eam quadrato dimidie s aquale quadrato
" quodfit ex dimidia & adieida.

LSS g

.i ... ) E&a A Bbifecetur in C,adijciatur§; giquae-.
: dam B D in dire@un . Dice rectangulunr
. AD,D B contentum, cum quadrato re&tx C B, 2«
'i')rnp; quale cfle quadrato quod fitex C D, a Defcribatur-
6. 1. enim fiper C D quadratum ]§2 EF IB; dtga‘tul:}ug«
b prop. . « DE. & bperB quidem
3 fr {, A _C Bx D vrig; EC, D quaril:-
. - lela ducatur B G: per
IR M Hverd vtrig; AD,EF
R (6) -~ -parallela KM." Item
S ' | B p_er!l\lvtriq; CLDM
R : e arallela A K. Cum
S E G F f itur' A C-equalis fic
€9, ve&z C B erit & A L 2qualeipi CH:fed CHe
43- 1. zqualeeftipiH F:ergo & AL, zqualeeftipi H
dax.2.E -Commune addatur CM: d totum ergo A M
" gnomoni N X O erit equale:-fed AM eft quod

edef. continetur AD,D B ( ¢iteenim DM 2qualisipli
s7. DB:)&gnomonNXO xc&u:lis et AD,DBcon
tento . Commung dddawur L G, quod oft aquale

. o . quav
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&uadrato re@x C B: ergo contentum AD,D B,
cum quadrato ipfius B C, zquale eft gnomoni N
X O,&L G,Sedgnomon N X O, &L Gfuat qua’
dratum CE F D, quod eft quadratum ipfius C D:
ergo:quod A D,D B continetur,cum quadrato ip-
fius BC, zquale eft ipfius C D quadrato . Siergo
reda linea, 8cs Quod oportuic demonftrare .

Propofi 7. Theor. 7. - .
Sivellulinea [ecetur vtcumqs , quod dtota 5
gquodq; ab ynapartinm fit, viraq; quadra~
8a, aqualia funt ei» guod bis a tota & didla

- parte fit ve@angulo, wna cum alterins par-
‘tis quadrato;

‘A

cR R E&a A B fecetur vteumque
- in C. Dico quadrata,qua
GlX\s ex AB,CB fuunt, zqualia efle
bi- A B, B C contento , & qua-
-drato quod fitex A C. 2 Defcri- aprop,
batur enim fuper A B quadratii 46. 1.
A D E B,& figura * confiruatur. * veip
. : Et quia A G,G E ®=qualia funt, fi precss
commune C F addatur, erunt tota AF, C E xqua- densib,
lia: vtraq; ergo A F, CE dupla funt 1pfius A F: fed
AF,CE funtgnomon KL M & CF quadratum¢
gnomon ergo K L M,& C F dupla funt ipfius A F.
Ettveroeivfdem A F duplumbis A B, B C conten
tum; b funtenim, B F,B C zquales . Gnomon er~- b J,f,
goK L'M, & C F »quantur bis A B, B C conten- 27.
to .. Commune addacur DG, qudd eft quadradium
¢xAC:gnomon ergo KL M, & quadrata Ié %

N
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6 D zquantur bis A B,B C contento, & quadrate
quodex AC, Sedgnomon KL M, & quadrat2 B
G,GDfunttotum ADE B, & CF; qu funtex
A B, B C quadrata. Quadrataergoex AB,BC
zquantur bis A B, B C contento,& quadratoex A
C:fiergo, réa linea,&e. Quod oportuit demon=
firare. :

Propoficio 8, Theor. 8.

Siveilalinea fecerur wtcumq; s vellangulum

| . quater tota, &~ yna parte contentum > Cuis

. quadrato alterius partis s aquale eft qua~

, . drato dtota & diéla parte, tanquans ab
wnalincadefcripto . '

E&a A B fit feQs vecumq; in C. Dico re&an-

AN gulum quater A B,B C contentum, cumgo,

quod fit ex A C quadrato aqualeeffe quadraro’,

quod fitex A B,B C, tanquam ex vna linea . Pro-

+ .  ducaturenim A B in direGtym , & fit B D xqualis
a P"‘P-‘ C B; & a fuper A D conftitvatur quadratum AEF
¢6. 1, D& dupla figura confirvatur . Quia igitur C Bip-
) fisBD; GK; BD verdiph
Q- . KN 2qualis eft; erunt &
' A : ¢8> G K, K N zquales. -Ob
/L ¥DC  eandem caufam, erunt PR,

: M [T IN RO=quales. Cumdram
- XI5 P IE QO BC.BD;quam GK,KN

b prop. /g , zquales fint; b eruntetiam
36.3. - tam CK,KD: qumGR,
cprop E HLF RNzquabhafd CK,RN
433 ¢ funt xquatia (funt.enim

com=
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complementa parallelogrammi C O ) igitur & K
D, GR 2zqualia erunt .. Quatuerergo DK, CK,
G R,R N zqualia funt:quatuor ergo illa funt gua-
druplicia ipfus C K. Rurfuscum CBipiBD: B
Ddipfi B K,hoc eft,ipfiC G;& CB iph GK, hoc

ef,ipfi G P zqualis fit, erit C G ipfi G P zqualis .
Etam CGipiGP; & P RipfiR O zqualis fir;
etit X AGipfiMP; & PLIipfiR F zquale. Sed
M P,PL funt ezqualia, quippe parallelogrammi

ML complementa , erunt & AG, RF zqualia.
Quatuorergo AG,MP,PL,RF funt2zqualia ;
quatuor erge illa quadruplicia funt ipfius A G,
Oftenfa autem funt & C K,K D,G R, R Nipfus
C K quadruplicia: ergoo&oilli que gnomonem
S T Y continent,quadrupla funt ipfius A K:& cura
AK contenté AB, B D fit zquale , eftenim BK;
ipfi B D zqualis,erit quater A B, B D contentum ,
quadruplumipfius A K. oftenfus eft autem & gno=
nion $ T Y quadruplex ipfius AK. Quod ergo
quiter A'B,B D continetur ®quale eft gnomoni

df‘"‘.
4.2."
defl'o

¢ prop.
43. %

S TY. Communeaddatur X H ( quod zqualeeft .

quadratoex A C ) quarer ergo A B, B D conten=
tum re@tangulum , cum quadrato quod ficex A G,
zqualeeft gnomoni STY, & X H. Sed gnomon
&X H funt AE F D quadratum , quod eft quadta-
tum ex A D:ergo quater A B, BD contentumre.
&angulum , cum quadrato ex A C, eft equale illi,
quod:fit ex A D quadrato,hoc eft, quod fitex A B,

B Ctanquam ex vna linea. Siergo re@a linea,&c,

Quod oportuit demontfirare.

Ed? CehY) |
T
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~ Propof.g. ‘Theor.g,
; Siveflalineafecetur in 2qualia; e non aqua- '
- funs 5 & cius quod fis & dimidia, & eins
. quodfit d linea, que inter [eiones inter-

- - Cipitur quadrati,
E»‘»- - @ Ecetur reta AB ianJ
> qualiter,in D inzquali
. ter. Dico quadrataex A D,
o, D Bduplaeffe eorum, qua

aprop, ex A C,C D fiunt. ¢ Duca<
21, f A Co=» mrchipﬁABada:)guulbs
: } reGos- E C, quz fic viriq; A
C,C B zqualis;ducanturue E A,E B, Atq; perD
ipfiB C'agatur Pataliela D F: per F vers ipfi A B:
parallella F G wngaturq; AF. Etquia AC,CE
b prop. xquales funt; b erunt & anguliE AC,AEC zqua.
5.1, les. Ercum angulus ad C reélus fit; ¢ erunt reliqui
cprep. AECE A C vnire&o =quales,ideod; femireéti »
32. I Eandemob caufam CEB,EB C femire&ierunt:
vnde totus'A E B re@us erit. Cumd: G E F femi=
dprop. reétus fit; d rectus EG F (eft eniminterno & op-~
39. 1- pofito E C Baqualis ). erit ‘reliquus EFG femi~
reftust Ergo G EF ipfiE F G eft 2qualis ; ¢ quare
PP & latus EG lateri FG wquale erit. Rurfuscum
23+ I+ angulusad B femire@us fitsre@tus F D B (et enim.
xqualis interno & oppofito E C B)erse reliquus B
F D femire&us . Eft ergo angulusad B 2qualis D
fprip. F Bangulo.fQuare & latus D F lateri D B 2quale
6.1, ¢trits Etcum A C,C E zquales fiat, erunt &dqua-
LA rat2

%" - biss qaadrata partium inegualium dupla: .

|
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drataex AC, CE equalia  dupla ergo fune qua- -
dratoex AC: g 2qualcautemeft quadratisex A 77+
C,CE quadratumex E A (nam angulus ACEre. 6.1+
Gus eit ) ettigitur quodex E A duplim etus quod
.€x A C. Rurfus cumE G, G F &quales fint ; erunt
& que ex E G, G F quadrata 2qualia : dupla ergo B iy
funceius quod fic ex G F: Eth zqualis eius , quod " P"P
ex E F: ergo quod ex E F duplum efbeius , quod éx 47+ %+
G F quadrati (funtautem G F,C D zqual: s) ergo .
quod ex E F duplum eft eius,quod ex C D. Eftau-
rem& quod ex A E duplum ewus, quodex A C:er- -
go quadrata que ex A E, EF dupla fiunt eorum,; .
queex A Cy CD. Quadratisautem ex AE,EF, i prop:

_#zqualeeft quod ex A'F (cftenim angulus AE F; £ f
re&tus ) ergo quod ex ‘A F quadratum, duplum efp ﬁ7' op.
eorum, quz ex A C, C D: ¢i autem, quod ex AF & prop.
zqualia funtquze ex A D, D F fane ( dam angulus: 47 **
ad D reQus eit ) igitur quz ex A D, D F duplafunt .,
eorum, que ex A C,C D-quadratorum ( funt au-
tem D F,D B equales) ergoqueex AD, DB qua~
drata,dupla funt eorum,quz ex A C,CD. Siergs - .
tedtalinea, &c. Quod oportuit damentftrare.. > | ..

Propofere. Theor.10. o

Sivcitalinea bifecetur s eiqueinvellum ques *
dam aliaadifciatur ; que deotacum adie-
&3z, & abadields funt quadrata s dupls, -
erunt guadratornm, quafisntd dimidia, ° -
& ad compofitaex dimidia & adiela . '

RE&JA B bifecetur in C,adijciatuﬁj; eiinre- - -
&um B D. Dicoquadrataqueex AD,DB .- -
\ ' dupla
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aprop. duplaefle eorum, que ex AC, CD. « Ducatue
11,1, caunex Cipli A B ad angulosreos CE; b fitqs
bprep. CE ipis, AC,CB
2.1. b a:qualis;& iungantur
cprop,

3.1, ipfi AD agacur pa-

railela E F. Per D
verd ipli CE paral-
lela DF; & cum in
‘ parallelas EC, FD
dprep. incidat EF, d erunt
1g.1. anguliCEF,EF D zquales duobusreéis: vnde

e ax,1).F E B, EF Dduobus reétis minores erunt, ¢ Qua -

autem 4 minoribus quam fint duo re & producun~
" turre@a linex,conenrrunt: ergo EB, F D ad par+
~ tes B, D produ&x concurrens : concurrant in G,
" jungaturg; A G. Etquia A C,CE ®quales funt,
£prop ferunt & anguli AEC, EAC ®quales; g & eft
g. 1, angulusad Cre@usicrgaE A C, A EC funtfemi-
g P;" reé&ti. Eandemob caulam CEB,E B Cfemiredi
Firaig, o ergo A E Bretus eft:cumd; E B C fit femire~
hprep &us, h erit & D B G femire@tus : eltvero BD G
29. 1, Teus3 i xqualis enim et angulo D CE, quod fint
i prop aleerne: reliquus ergo D G B femireQus eft - quare
ry. 1 20 uli DG B,D B G zqualesfunt ; k eruntigitur
?’:.P " mireétus fit: L recus qui ad F(eft enim ad C oppo-
1 }"';P fito zqualis ) erit & F E G femire&us : funt igitur
% EGF,FEGzqualcs. mQuare & lateraGF,EF
;4 rp mqualia erunt. Cum e:'igo EC,C Azqualesfine;
PP ik quod ex E C quadratum, zquale ei,quod ex
AC: QuadrataergoquaexE C,C A, dupla funt
n prop. eius,quod fit ex C Ailiis aurem,quz ex CE, CA,
47. 1. ngqualeeft quod ex E AsergaquoedexEA duphuz
: ¢

AE,EB.atq;cperB

& latera B D,G D xqualia. Rurfus cum EG Ffes .

e —— - T
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eftéitsquodex AC. Rurfus ecvm GF, EF fint
Equales, erunt & quz ex F G, F E quadrata 2qua-
lia.. Suntergo qux ex F G, FE duplaeius, quod
ex E Feillisautem , qua ex G'F, FE o 2qualeeft o prop,
gex EGrergo ¢ ex EG dupli eft ews,@ ex EF st 47. 13
aut€ EF, C D xquales: ergo quodex £ G duplum
eft cius quod ex C D: oftenfum eft autem id, quod
ex E A duplum cfleeusquodex A C: quzergoex
A E,E G quadrara dupla funtcorum, quzex A G,

C Diillis autem quz cx AE,EGp 2quale eft quod -

€x A G:ergo quod ea’A G duplum eft corum , quz P Prope
ex AC, CD: eiautem quod ex AG, ¢ zqualia 47. 1.
funt,quz ex A D,D Giergo que ex AD,DG qua- 9/7op. -
deata dupla funt eorum,que ex A C,C D,zquales 47- X
aatem funt D G, D B. ergo qua: A D,D B quadri-

ta , dupla funteorum, qua ex AC, C D. Siergo

reéta linea bifecetur, &c. Quod oportuic demon-

frare, s

* - ‘Propof.11. Probl. 1.

Batam vellam fecare, quodtota, & vaa
parte continetur veClanguinng,aquale fis
-quadrato quod fis ex religuaparte.,

' It data re&a A B, quam eporteat ita fecare, vt 2 prop,
quod ex tota & vna partium fit reGtangulum , 46, 3,
zquale fit e1 , quod exaltera parte fit quadrato . a b prop,
Defcribasurex A Bquadiatum AB C D, & bbife- 4o, y.

- cetur A C inE, iungaturg; BE. producatur C Ain ¢ prop,

F,fitq; EF ¢ xqualisredx B E. d conttituacur fu- 3, y,
et AF quadratum F H, & producaturG Hin K. dprop.
icoreQam AB in H feQamefle, ve AB,BH 46, 1.
. €on~
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contentum re&anguld, zquale fitei, quodex A N

fit quadrato. Cumenimre&a A C bife®a fitin
‘ . E,eiqueadie®a indireQum A

epropss ¥ ¢ F; ecrit CF,F A contentum ,
8 :

cum to quod fit ex A E, zquale
H illi quod fit ex E F, funt autem
A EF,EB2quales:crgo CF,FA
/ coatentum, ci eo quod fit ex
E -+ A Esyaquale eftilli; quodex B
B quadrat{g'fcd ei,quodexEB
faxqualia funt,que exB A;A'R
::’:{ ¢ K D )c;u:ldnta (re&gs enim eft angu
) -~ lusad A)ergoquod CF, FA
continetur,cum illo quod ex A E quadrato,zqua-
le eftillis,quz ex B A, AE quadratis: Commuae
quod ex A E auferatur ; reliquum ergo, quod CF,
F A continetur , 2quale eftei , quod ex A B qua-
drato. Eftautem CF,F A contentum, ipfum FK
g def. (gnam A F, FG funt zquales ) Quod autem fit ex
87. AB,eft AD quadratumiergo F K,A D funt zqua,
lia. Commune A K auferatur : eruntd; reliqua F
H,HD 2qualia. Eitautem HDquod AB,BH
continetur h (funt enim A B,B D xquales) F Hauw
R def. temett quodfitex A H quadratum. Ergequod A
7 B, B H continetr re@angulum , 2quale eft
quadrato quod ex A H: reQaergo A B
fe®aeftinH, vt quod A B, BH -
continetur re&angulum xquale
fic ¢i, quod ex A H fit.
qusdrate. Quod
facere opor~
. .tebat.

?l’@.

S -
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" Propofitio 13. \Theor. 11, =

In triangulis obsufangulis “quadrazum quod

fit alatere angulum obsufum [ubtendente,

-~ maius eft-guadratis laterum obtufum con=

- sinentium s veGlangulo bis contento & ab

yno latere obtufum continente in quod pro

" dullum perpendicularis cadit, & d linea

. exterius af3umpta d.perpendiculari ad an-
gulum obiafum., S

S It triangulumrobtufangnlum . A B-C, obtufum - - =«
&) angulum habens BA C.« Ducaturex Bad C 2#7%s
A productam perpendiculasis B D. Dico.quadra~ ¥+ I
Lo -0 tumex B C mais efle eis,
.o . QuEexBAA C,reQangu
e A" lobis CA, AD contento.
- CumenimreGa C D fe-
- .@afic vecung; in A; b erit bprop,
o , : quodexD Czqualeillis, 4.
NP quzexC A, AD quadra-
< WA D Ltisy&ei, quodbiqu AA

: s ’ D continetur. Commune
addatur yquod ex D B. Ergoquzex CD,DB e~ .
qualia funt illis, quz ex C A; A'D, D B quadratis;

& illi,quod bis C A, A D contmetur: fed illis,qua .
ex CD, D B quadratis , ¢ zquale et quod ex CB. ¢ prop,

(et enim angulus ad D reQus) illis autem, que ex. 47. 1,

AD,DBdzqualeeft, quodex A B quadratum. { prop. -

- Quod igitur ex C Bzquale eftillis, que ex C A, 47,7,

A B quadratis , & reCtangulobis C A, AD con-
Ca ’ E T tento.
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tento . Intriangulisergo obtufingulis,&c.Quod
oportuit demonitrare . S

~ . Propofe13. Theor.12,

In acutangulis triangnlis quadratum lateris
acutum angulum [ubtendentis minus eft
quadratis acutum consinentibus relangulo

- biscontentos & ab wno latere acutum con-

tinentes in quod perpendicularis cadit, &~ d
linea d perpendiculari intus aumpta ad
angulum acutum. . Co
S Tt acucangulum triangulum A B C, habens acn
aprop. ) tum B: & ducatur ab A in B C perpendiculagis

LETR SO » A D.Dico quadratusiquod

' A .. . fit ex A C minus efle:illis

e .. . quafiuntex CB,B A reftan
. gulobis,C B,B D centento.

Cuni enim rea CB fe&a

fit vtcumque in D; b erunt

quz ex C B, B D.quadrata

. -/ =zqualia bis. CB, B'D con-

B D ™ tento, & illiquedex DC

s - quadrato . Communeadda-
eur, quodex AD: grgo queex CB, BD, DA
‘quadrata , 2zqualia funt bis C B, B D conteato, &

quadratis que ex A D,D C. Sed illis,quz ex B D,
D A,qualeeft quod ex A B (eft enim angulusad D
re&us yllis verd que ex A D,D C zqualeeft quod

ex A C. Ergo quzex C B,B A,zqualia funt & illi’
quodex A C quadrato 3 & -lliquod bis C B,BD

. continetur. Quare quodex A C quadratum mi-

nus eft illis,quz ex C B, B A quadratis,re@tan l*
W . (3]

bprep.
7%

’
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16 bis B C;B D contento .- I triangulis ergoacu=
tangulis,&c, Quod demonfisare oportit, :
) Propaf.14. Probl. 2,

" Batovellilineo #quale quadratam conflituere,

YO -Store@ilineum A, cui operteat zqualequa~
dratum cSftituere. « Fiatre@ilineo Agqud- 2 prop.
le parallelogramrun re&angulum B D. Siigitur 45 1.
BE, B D fuerint zquales , factum eft quod petjtur;
ctitenim reilineo A zquale quadratum BD. Si
ST gd T 7 ‘o erfyvnaipfard
™ BE,E D maior: Sis
gz‘aior B E,qu:eﬁpro— .
- ducaturin F, b fiatd; b prop.
FE,iphiED gqual?s; z?)‘:}’
H . bifeceturq; F Bin < prop.
. G, & ceptro G, in- jo, 1.
; - teruallo GB, autG
F defcribatur femicirculus B H F, & producatur D
EinH,ducaturd; G H. Cum.itad; re@ta B feéla
“fit zqualiter in g, inzqualiter in E; d eritquod B dpreps
E.EE cGtinetur, cum eo quod ex E (G quadrato, ¢- 5.2,
quale ei quod ex G F quadrato , §unt autem G F,
G H zquales. Quod ergo BE, EF continetar
cums eo quod ex G E, zquale eft illi, quod ex G H;
illi verd quod ex G H, e zqualia funt que ex HEE, € P70
.G.E quadrata:ergo quod BE, E F continetur, cum 47+ ¥+
eo quod ex G E, 2quale eft illis , quz ex HE, G
.Communc auferatur, quod ex G E; & erit reliqui,
quod BE, E F costinetur , 2qualeei,quodexEH
quadrato: fed quod BE, EF continetur. eft ipfun
BD, fiquidem EF, E D funt zquales: parallelo-
grammumergo B b zquale eftei quod ex HE,
quadrato; Eftautem BD:xquale retiilineo Aser-
ALY E 2 go
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gore&ilineum A xquale oft quadrato ex EH de-
feripto . . Dato ergo redtilineo A, 2zquale quadra-
tum conftituimus,id nimirum quod ex E H, Quod
facere oportuit. '

'ELEMENTVM
CTERTIVM

Definitiones. -

Equales cireili funt, quorum diametri
funt zquales;vel quorum qug ex cene
. g tris funt ®quales. .
2 L Re&a linea circulum tangere dici=
tur ; qua contingens circulum , & produ&ta ipfum
nonfecat. Infigurapropof 16: linea A E tangi: civcua
 bym ABC, In18 & 19. D Etangiccirculum 4 BC,
-3 Circulife tangere dicuntur , qui feipfos cons
- tingentes , fe ipfos non fecant. Circuli fe consingunt
awsnsarins vt Propo[.G.circuli A B CyDE C; ams exid~
rinsyvs Propof . a.cirewli BAC, D AE.

4 Incirculo xqualiter 4 centre diftare dicun
tur teét# linez,cum A centro ad ipfas perpendicu-
laresductz zquales fuerint. Pt Propof. 14.lince
oA B, C D & censro E; aqualiser difdami qwod EF; EG
fims aquales. : S

§ Magis diflare dicitur,in quam maior perpen~
dicularis cadit. ' -

6 Portiocitouli , eft figura quz reQalinea &
Sy T circuli
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circuli circumferentia continetur, 7t in prima -
propof funt portisnes A¢ By AE B, o

- 7 Portionisanguluseft , qui re@a linea , &cir- - ,

culi circumferentia continetur. ¥ in prima pro~
pof. funs anguli C A B, E'A B, refla A B, & peripheriis
€ AE A contenti.. . : o . \‘ )

8 Inportione angulns 2% ¢um ivcircumfesen~
tia portionts acceptum pundtum fuerit , & ab ipfo
ad terminos recx linez , quzeft bi'ﬁ& ortion% s
iunguntur re&@2,angulus iAqu:fn his:rcgiaconﬂ n
tus. #¢ in 2.6 .propof angnius E D F efdin poxtione E P ¥.

9 Quando vero linez angulum centinentes,af=
fumunt periphetiam yin illa infifiere- angudus dici-
tur Ve in propof27.amguins E DF infiflis peripherie E F,

, . 10 Se&or circilieft , quando angulus ad cen-
trum circuli conftiterit], figura contenta re@is li-
neisangulum comprehendentibus , & peripheriz
ab ipfisaflumpta . Zsinpropof. 27 feltor diciswr fi.

_gwa EHF,

. 11 Similes circuli pbrtiones funt , qua capiunt
#quales angulos ; aut in quibug anguli zquales
confiftunt . ST '
-Propof.1, ProbL 1: .. . .
Daticirculi centram inuenive:

o Sto datus circulus' A B C,cuius centrum inue.

." ‘nire oporteat. Ducatur quadam re&ta linea 2 prep.
A Bvteunque , abifeceturd; in D; atg; per Dipfi To. 1e
A Badbangulos re@os erigatur D C, c quz pro- b prop.
ducatur in E, & dbifecetur CEinF. Dico Fcen- 11.1.
trum efie circuli AB C, Sinon; fit, fi figri peteft, € po-
G, ducanturque G A,G D, G B; & cum AD,DB ful, 2.
o s ) R 3 U2~

N
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. s2qualds fint , commupis D Gs eerunt dux AD, D

v0. 1. G,duabus G D,D B 2quales; altera alceri ; f& baw

3

eprop, -
8.1, .-

Eprop.

8. 1.

5 G Azqualis bag G
B; funt enim ex centro

G,GD B gquales eriicy
» Cum antem re@a fu-
< per-reftam confiftens
angulos deinceps gqua

- lesfecerit, redus erit
© vterq; angulorum: re«
&us ergo eft GD B;fed
& F DB re€useft;eflt

- erge angulus,F D B¢~
. .+ qualis.angulo GD B,
maior mineti,quod ﬁerirn:}uit’. NonergoG cen-
trum eft. Sinuliter oftendemus quod praeter B
nullum aliud : F esga.centrum eft. ‘Quod inveni<
re oportuit. IR

('orotlariun o

E X his manifeflumeft,fi in circulo re&a qua-
dam re@am quandam bifariam , & adangu-
los re&os fecet , in fecante centrum circuli efle.

- Propof.2, Theor. 1,
. Siincircaliperipheria duo punéla accipian=
sur vecla illa consungens intva cir-, -
cuiunscadet. .
Ste circulus AB C, & ineius peripherizacs
cipiantur quzcHng; duopundta A, B.. ‘gic'o'
. rectam

© -~ Geergo &anguli AD"
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retam’, qug.ex A in B duciturintra circulum ca-
dere .- Sinon:Cadat,f fieri poteft,extra,vt AE B,
& accipiatur cengrym circuli AB C, quod fit D;
mnganmrque DA,DB/ & produca tur DFinE,

C

Quia D A « xqualis adef.

. eft ip D B; b erit & 1y
. «angulesD-AE angulo b;rcf»

~ D BB 2qualis scumd; g2ns
;rlanguh D AE voum
atus A'E productum
fitin B; ¢ erfrangulus f gnf ’
PE B gaior ahgulo tt
D AE:zfuales fungan - !
 tem anghhi DAE;D .1 .1
| BE, maotergoeit D
\EB amnih\ quam D
BE; d miior antcem an d prop,
! gulgstiams Tas fub- 19,
tendit ; maiiis ergo eft

DB Iatus, quam D EeatDB 1pf DF xqualeeft; , def.
amaius ergo. eft DiF,qui D.E, minor maiore, quod
fieri negititMon ergo quz ¢x A in B ducitur extra - §*

circulum cadit, Simeliter offendemus quod nec
in ipfam peripheriam;cadet ergo extra. Stergoiin
cwculo,&c. %od opemut demonftrare .

Propof 3. Theor. 3,
‘S: in civeuloreita quadam linea per centruns .

P3N

ITIRY)

dula rectamnon pev centrum dwiam bi-
fecet s & ad angulos reBos ipfam fecabit':
Et fiad angulog reltos zgfam fecet 5 bifa~
mm quoque fecabit .

E ¢4+ Efte
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F’ Stotirculuy A B C,& te&a quisdain C D per:
> centrum, re&am quandam A B'non per cene
ttum duétam bifecetin F. Dito quod ‘& ad angu~
Jos ré&os ipfamfecet . "Aecipiaturenim centrum:
"' . ‘E,ducanturq; E A.E B. Cumque A F,F B zquales
. - fint,communis ¥ E;erunt duxz AF,F EJuabus F B,
aprep. ¥ E,zqualesbafifg; B°A,bafi E B;gergo & angulus
8,.1. AFEanguloBFEzqualis erit. Cum autemre-
o 0o Qafuper re@tam cone
€ fiftens a_nﬁu)os dein-
™\ ' lceps xqidles fece:ﬁ s
¥ reQuy exit veergue
xqualfum angulorum
vierg; ergo AFE,BF

D per éentpuin dufta

bifecans-A B non per

- centrumdu@am, & ad

T angulos re@os ipfam

o ey e a i viofecabit. Sediam CD

"7 adangulos reQos fecetiplam A B; dico & bife~

"~ careipfam, hoc eft, A F, F B zqualés effe. ijfdemh

¢prop. conflrudtis,cum EAEB 2qualés fint; ¢ erunt & an

s.1. BuliE AF,EBFequaless eft autem reGus AFE

re€to BF E zqualis: duo ergo tridngula EAF, E

F B,duos angulos duobus angalis zquales haben~

tia,& vnum latus vni Jateri, nempe Commune EF,

dprop. quod vni 2qualium angulorum fubtenditur, d ha-

36. 1.'bebit & reliqua lateta reliquis zqualia: zqualés

ergo funt AF, FB. Stergoin circulos&e, Quod
.opcmu't demopfirare. .. '

~T oo
s e T ; B

Bretus érisoprgp C -

!
{
|




LIBER LTI 73

- Propof.4.- Theor.3. -
8i inciveulo dua veBe linea fe mutud fecent y
now per centrum duéia, [epifariam

B CD,in¥¢ogq;

' nON pér centrum du-

D &z, feinuicemiin B

* {ecent. D;fq ‘quod

*{L\blfamﬁ? non fes

. ' cent s, §i fieri poteft,

' B < fe bifariam fecents 3
le o DT gy & AEEC &

: "~ DE,BE zqu:ies,

accipiatur centrum F ducaturq; FE. Cum ergore=
&a quadam F E per centrum du&a yre@am quan-
dam A Cnon per centium duam bifecer , ad re«
étos «angulos i Ffam fecabit : angulusergo FEA
ve@useft. Rurlus cum re@a F E,re@am quandarh
B D non per-centrum ditétam bifécet, ad bangulos
reftos ipfam fecabit; reQus ergo eft FE B, Often-
Jusattemeft & FE A reGus : ergo F E A, zqualis
eft F E B;minor maiori,qued feri mequit:non ergo
AC,B:D febifariam fecant.Si ergo in cxrculo,&c.
Cb_x_od oportuic demonﬁrare . y

o Propof' itio S. Theor.
- Si dwocirculife inuicens fa mmmt, Hon evit
ipforunyidens centruns. -

DVo cirenli ABC,CD G femulcem l'ccenc

: inB,& €. dico :pfomm pon ¢ffc idem cen~
L T ’ trum,

’//‘i,j s g

- duzirettz AC,BD

2 prop.

3 3.
bprop.

3:3

4
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trum. Sief;EftoEidadgatuEC;& ducaturEF G

adef. yteung. EcqucenuumcﬁmcuhA‘B C,«erit
ECgqualisEF.,

15. 1. ( o :' 47 Ruifus quiaE cé
< oo o . trum eft circuli
CDGheritk

"~ E C¢qualis EG:
Oftenfa eft au-
tem E C zqualis
EF.eritigizur B
=~ F xquahs E G,
- minor maiori .

S 'g - B I . Quod fieri ne.
- .. qut. Non ergo
E centrum el cuculprum ABC,CDG. Siergo
duo cmzuh,&c. Qud opomut demonﬁrarc.

PN

bdef , il
Y5, 1. )6 D E

oz Ptopof &. Pheor. 5.

St dua cmul: interius [e contmgant » non m‘t

e dlemm}dc”;mtrnm. IS
RIS ORI P

. Vocu-cuhABC

¢ CDEfetang;nt

v - -'intetius"in €. Dicoil.

..+ Joremnon effe'idé ceri-

trum. Si éft: EftoF,
= jungaturg; F C, & du~

2 def. . catnr F E B vicungue ,

" - Cum ergo F centrum
1§ T, A "~ fircirculi ABC, «crit:
bdefo, - .. © et BCaqualisFB £

5.4 F eentmmenam Gecixenli CD E, berit F Cgqua

lis
1
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lis F E: demonfitaea et autem & F C zqualis E B:
ergo F E 2qualis eft F B,minor maiori ; quod fieri
nequit. Nanergo F centrumieft circulorum A B
C,CDE. Siergo duo circuli,&c. Quod demon~
ftrare oportuic, - oo

Prqpoi. 75 -Théoiﬁ«s. .

Si in diamietro civeuli accipiatur punctum »

quod centrum non fit ab eaq; in circulum

* cadantrelia quadam , maxima erit iv qua

eft censrum; minima veligua. aliarum etd

- propinquior ei,que pey centrvim tranfis ve-

motiore femper maior ¢ft : Dius autem tan-

tum £quales d punilo in civculnms cadent
ad tra[q; partes ipfins minime .

!\Ll
Sto circulus A B
C D, diametrus
eius A D,in qua fuma «
. punétum quoduis
F, quod centrum non
ity Ceatrum autem
ficE: Cadant ab Fad
cirgulum re@e quedi
FBR; FC,FG. Dico
maximam efle ¥ A, mi
‘nimam F B. aliarum
ST e F B maiorem , quam¥
C; &F Cmaiorem quam F G. iungantur enim B
B, C-E;GE.: Et quia omnis triangulia dvo latera a rop.
reliquo miaiora fint , crut £:B,E F maiores B F{{ 3Q.1.
. . i . E
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;Eft autem A Eipfi B E qualis ; funtergo BE,E F
xquales ipfi A F; maiorigitureft A F quam BF.
Raurfus cum BE, CE 2quales fint communis E F;
—crunt die BE,EF, duabus CE, E Fequales: fed
bax.g. angulus BEF bmaior eft angulo CE Frentc igie
c prop. tur & bafis’ B F maior bafi CF. Eandem ob cau-
24. 1, fammaior e CF,quam F G. Rurfus cum G F,FE
maiéres fint quam E
G:& EG,E Digquales;
erunt GF, FE maie-
res quam E D; commu
nis auferatur E ¥;d re-
-liqua “ergo G F, reli-
qua F.D maior erit.
Eftergo F Amaxima;
minima D F;maiorau
temF B, quain F C, &
.- hzcmaior quam-F G:
Dico fecido,, quod ex
S F duz tantum zquales
eprop. ad circulum cadant vtring; 3 minima D F. e Con-
23. 1, ftitvaturenimad B ee&tx E F,:;.x[ngulus FEH ¢qua-
lis angulo G EF, ducaturq; FH. Cum ergd GE,
£ Hzqualesfiny, communis EF ervht dugGE,
forop. B F,duabus H EE F 2quales, angult’qu;ﬁ F,an-
£ gulo HE Faqualis: f igitwr & bafis RGbaGF H
4 T+ eritxqualis. Dico tertio,quod ipAF Gniillaslia
xqualis ex F ad circulum cadat . Sienhm cddit;
, Cadat FK. Cumergo vtraq; FFHIipliFGfit
S a¥l. zqualis; g erit & FKipAF H zqualis: propin-
h def quior ergo ei, qua: eft per centrum , 2qualis eft re-
.~ motioriyquod fier: nequit.- Vel fic. iDucatar E Ky
iprop, CumergoGE,EK wquales fint , communis FE,
3, 1.’ itembbaflisG Fbafi F Kxqualis; terit& an l!l“:_
EF

I
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GEFangule KEF zqualis : fed GEF 2qualiseft
angulus H EF: ergo & H E F zqualis crit ipiKE
F,minor maxorx,quod fieri nequit . Non ergoab ¥
plures vna ipi G F 2quales ad circulum cadunt,

Siergo.n dxametro »&c, Quod oportuit demon-
+ frare.

Propor tio 8. Theor.7.

Siextraciveulum accipiatur puniium,ab eoq;
ad circulum ducantur reQdze quadam linee,
 quarum wna per centrum tranfeat,reliqus
¥t libet. Earum qmdtus,qux in canam pe-
vipberians cadant, maxima eff, que eft per
centrumzaliarum weid propinquior cis qua -
per centrum remmxn fempcr maior e§t .,
Atearum's que incohuexam peripberiam
cadunt,minima eSl, qué inter puniium &
diametrum interijcionr; aliaviien werd, qua
propinquior minime femper yemotiore mi-
“mor efl. Dug autems tantum aquales d paa-
Gloin-airculum cadunt ad wiva[q; pavies
mmmm .

E Sto circulus A B C, extra quem accipiatug
punéum D,ab lpfoq, ducantur recte quedi
ad circulum D A,DE, D P, D C, ducaturque D A
per centrum . Dico quod cadentium ad cauam pe,
tipheriam AEP C maxima fit, quz per centrum
tranfit,D A,mmlma,quaz inter pan&um D, & dia- .
metrum A G interijcitur , que eft D G; maior au«
tem D E.,qua.m DP,& hxc major.quam D C. Ear

- wum

AY



¢ prop.
24.1.
d prop.
20. 1.
cax.s.

£ prop.
L. 1,
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rum verd qug in conuexam pericheriamHLKG
cadunt femper propinquigr MiNiNaE ‘D G,
: T -minor eft remotiore ,
D hoceft, B K minor
. eftquumDL,& hac
1 minor quam D H.
Accipiatur centrit M,
sunganturq; ME, M
P,MC,MH, ML,
KM, Et cum A'M,
" E M a zquales fint,
communis addatur M
_D,eritq; AD zqualis
virifq; EM, M D; fed
EM,MD b maiores
funt quam E D: ergo
& AD maior eftqui
ED. Rurfus ME,M
P zquales funt , com-
munis addatur M D;
eruntg; EM,M D 2-

qualesipfis PM, M D: fedangulus EM D- maior

eftangulo PM D: ¢ ergo & bafis ED maioreft
bafi P D. Similiter oftendemins P D maiorémeefle
CD. Maximaergoeft D A, maiot DE quam D
P, & DP majorquamDC. Cumg: MK, K Dd
maiores int qamM D; & M G zqualisM Ky e
eritreliquaiK D maior reliqua GD: .Quare G D
minor eft guam K D, eit enim emaium minima .
Et quialineaM K, K D3 cermunis laceri M D in=
tra triangulum M L D conitiwee func , ferunt ille
minotes quamM L,L D: funt aucen: M K, M L 2>
quales : ergoreliqua D K minor eft , reliqua D, L.
Eodem modo ofteademus D L, minorem eﬂeﬁﬁl—!
ini=

—~———
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Misima ergo eft D-G; minor autem. DK quas.D.
L,& DL mivor quam D H. Deinde dico, quod &,
yun&o D tantum du’ gquales in circulum cadane;
ad virafq; partes Minima. g Conftitvaturad'M li- g prop.
sede M D angulo K M:D zquaiis DM-B, ducatur~ 32.1.
que D B..Cumergo M K, M Bzquales fnt, MD
communis; erunt due K M MD; dnpuisBM, M
D.zquales, altera aleeri , fun verb\& anguli | KM h
D; BM D zquales, herunt:g{ & bafes. DK, .D' prope
B mqu:vles Dicotertio réétd DK i punéto Dad'#- 1
circulum zqualem aliam nonadere. St énim, po. T
teft, cadar DN. Cumergo DK (i 2qualis D)N; "
» &rprK xquahsDB erits XDBi rDN:e- iax1.

qualis: propinquier minime remotiori, quod fleri ’ »
“nonpofiledemonftracum eft, Aliter.Ducatur M N, ** - °

Cumigitur £ M, 2quilss fit MN, courmunis. M. ko

D, & bafis D K 2qualis bafi. D N,k erit-& angulus o 4 o"

KM Dangulo DM:N equalissfed K M D aqua: "Yl,' ‘;

Lis eft angulo BM D: ergo & BM D qualis eries

NM D, minor maiorizquod fierinequic: Non er.”

go pluresqmm duz 3 punéto D ad circulum A

C zqualesad ytraflq; partes D Geeadunt . Si ergo’

extra circulum,&c. Quod demonfirare oportuut, '

‘Propol.g. Theor.S. .

s: intra circhlum accipiatur pamt?um. ab eoq;i
- ad circulum plures quam due equales,

" reBacadant » evit acceptum pun- -
aum centrum cirewli. = o~ Z

D;ab eoquead circulum A B C plures quam’ **
uae

E Sta intra circulum A B.C accq;mm pun&um :
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duerela gquales cadant, nempe D A, DB, DC.
Dico D centrum effe circuli A BC. iungantur A
B,B C.bifecenturque in E & F,& iun&x E D, D-F,
S © .+ preducantur in GK:&
H,L. Cum ergo AB
#qualis fit E B,commu
.nis E D:erunt dux A By
E D,duab.BE,ED ¢qui
les;eft 2 verd & bafisD
Abafi D Bequalis:erit
“bigitur & angulis AB
Dangulo’B ED ®qua-
lis: ¢ reGus ergo veér-
queelt,fecatdergo G
dprop. o, . K ipfam A B bifariam,
33. &ad angulos re&os . Et quia,e quando in circulo’
" e Coro) TR rERAM fecat bifariam & ad anguios re&os’,

;

in fecante centrum. ef circuli, erit in G K centram.

prop1. citculi A B C.Eadem ratione centrum erit in H L:
3¢ &nullumaliud commune pun@um habent reGa
G K, HL prater D:ergo D centrum circuli AB
C: Siergo intra circulum , &c. Quod oportit’
demonfirare. : : -

Aliter,

Ntra circulum A B C fumatur pun&um D, ab

- e0q; ad circulum plures quam dug re@tx equa.,
fescadant, DA,D B, D C. DicoD efle centrum
circuliABC. Sinoneft. Efto E, & iun&aDE
adef, " producatur in F & G. « Eft aitem F G 'diametrus
8.1 circuli ABC. Cumergo in diametre F G acce-
b °I; ptum fit pun&um D, quod centrum circulinoneft ;
7.3 * b erit DG maxima ; maior aucem D Cquam D By

* & DB maior quam D A;fed & =quales fuat; qzod_

, eri

-~

[
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4 fieri non poteft . B
.€tgo centrum’” Cir- .
culi ABCnoneft.

- Similiter oftende-
mus quod prater
Daliud nullum : D
ergo centtum eft
circuli. :

Propof. 10, Theor. 9. .
Cirulus circulum in pluribus , quam duobus
punt‘h’s non fecat,

“£ F inpluribus pun&is quam duobus, vt in B,
: - G,F,H, iun= :

&24; BG, B a0
H :1 bifecen= ,ﬁf ,:
arinkK & L; -
atgsex K,& L
ipfis BG,B H
ad b angulos b prop.
refos dudta 11, 1.
XC,LM,in
A, & Eprodu.
cantur, Cum
ergo in circu=:
lo AB C re-
&a quedam A C, re@am quandam B H bifariam ,
& ad angulos re&os fecet , ¢ eritin A C centrum cprop.
circuli A B C. Rurfus cum ih éodem cisculo AB 3° 3°
Creaquedam N X re®am quandam BG bifa-

. N riam,

S g -fieri poteft fecet circiilus A B C circulum D
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dprop, wiam, & ad angulos re@os fecet, d erit in N X cen-
5. 3. frum circuli AB C. Demonftratum auté eft quod
& in.A C:atquiin sulloalio pun@tore@2 A.C, N
X concurrunt, quam in O:eft crgo O centrum cir-
culi A B C, Similiter dcmonﬁrailmus centrum-cir
culiDEF in @efle: duorum ergo circulorum A B
C,DEF feinuvicem fecantium idem eft céntrum
eprop. O: e quod fieri nequit . Nonergo circulus circu-
5.3, lum, &c. » :
Aliter . Circulus A B Ccirculum D E F,in plu~
ribus quam duobus punéis fecet , vtin B, G, H, F.
Accipiatur circuli A B C centrum K,iunganturque
- KF,KG, KB. Cum
A ' ergo intra circulum D
EF acceptum fit pune=
GumK, abeogsadcir~
culum D E F.cadasnt
plures quam duz retz
¢qualesK B.KF.KG,
" acrit K centrii circuli
R DEFfed eftctiamcen
9. 1. © “Ttrum circuli A B C:
‘ C "= Duorumergo circylo~
bprep.. +, v ~ewm fe fecantiveh idemn
. eft centrum; b quod fieti non poteft. Non ergo cii=
" culus circulum in pluribus quain duobus-ptin@is
fecat. Quod oportiit defonftrare. ~ 7 =
Propof. 11. Theer.do, )
$i duo circuli fe interius contingant » velali-
1ea corums centva coniungens» fi produca-~
turscades in contaétum crveulorum.
Vo crrculi AB C, A'D E interius fe contin~
- gantin A. Accipiatuz citculiquidem ABC -
cen~
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centrum F; circuli verd -A'D Ecénttum G, Dice
quod,quz ex G inF ducicur, fi preducatur,in éons
ta&um cadat. Si non.
Al Cadatalio,vt FGDH,
N~ iunganturque AF,AG, , rop.
Qum ergo AG,GF 4 ,;
maiores fint quamF A,
“hoc eft,quam F H(gqua
€ livenim eft FA, 1pfi F
- HyéR enim veraque ox
' cégrro ) auferatur com-
e munisE.Gereliqua ergo
A Gmaior erit reliqua
o .. 1% G Heftautem AG, ipli° bdef.
G D b zqualisierit ergo G- D mmioripa G H,mi~ 14,1, "
rior maijore quoed fieri non poteft.:Nonergoquae. ~ -
ex F in G ducitur,extra conta@uaf A cadet . Ergo’
inipfum, @ O . v i L
- Aliter. CadatvtGFC, quzinH producamr’y .. . -
iunganturg; A G, A F. Quizrergo A G, G F ¢ ma-: cprop.
iores funt.quam A Fifed A Fdequaliseft C F,bocizo. 1.
eft,F H:commuhis auferatur F Gieritq; A G,quam d def.
reliqua G H maior: hoc eft, G D maior erit, quaatn 1§.
G H; minor quam maior; quod fieri non poteft.
Idem abfurdum demonftrabimus fi-mniorts cen-
trum fit extra minorem circulum . Siergo dirg cir-.
culi,&c. Quod oportuitdemonfirare.
Propol.12. Theor, 11, ¢~

$i dwo circuli [¢fe exterius contingant.vefla
. iplorum centra coniungens. per conta- -
el Aluesteamfibits - -

B i\\flo circuli;A B.C, A DEtaagune fe exterius -

t

2 fune

AP inds accipianturg; civcalorym - depcraqum: -
R F
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fint F,G. Dico,quod, quz F,G iungit, per conta~,
&udn A cranfeat. Sinon:tranfeat , fifierj poteft,

vt F CD G; &iungantur AF,AG. CumigiturF
adef. cenerum fit circrli A BC; aeritF A; zqualisF C:
1. Broum G ficcentrum civenliA D Byerit & G A ipfi
G D zqualis. Oftenfa eftautem & FA zquals B
bprep. C.Sunt ergo FA, AG ipfisFC, DG xquales
20,1, Quaretota F Gmaipreritipfis FA, AG: fed'& b
- minor eft:quod fieri non poteft . Nonergoqueex
- Fin G ducitur aliorfum quam per A conta&um
- tranfit.. Sierge duo circuli , &e. Quod oportuit
. demonftrare. . T . A .

Pfopof 1 3. Theor. 1 i.
Civcalus cireulums in plwribus panilis wuo non
tangit,fiue interius.fiue extevius tangat.

. S I fieri poteflt, tangat prime circulus ABD C
circulumE B F D interius in pluribus quam

vno pun&is,vt in B,D: & fumaturcirculi ABD €

aprop. centrum G: circuli E B F D centrum H: ergo Ye@a
11. 3. centra G,Hiusgensacadetin conta&us B; D:.?:
‘o S 4



—" e —————

" eft autem quied nedg interius < Circn

LEBER ITL 8;
dat & it B.G'H D Cund igitur-G fit centrumi cir
ﬁcuh AB D (.,cnt B G 2qualis iph G D;maiorigi=
turetBG quam HD mul-
to ergo maior, B H, quam
HD. Rurfuscum fit Heen= .+,
trum circuliEB F D,zqua- ..
‘lis erit B H ipfi H D: often-
" facftaucé multoilla tajor,
‘quod fieri nequit : Non igi-
* tur circulus circulum inte-
. rius pluribus quam vaopun - ..,
- &otangit. Dico quodned; ;. |,
exterius. Sienim fieri po- ., .
teft ,tangat circulus ACK | |
c;rculum A BD € exteriusiin plunbus phctiswno, ..
vrin A,& C,iungamurd; A,G Cum-ergoinperia y
pheria citculorum A BDC,:A CK accepta fint
quzcuﬂq s pun@ta A,& C, « cadct te&a illa coniun a prop.
gens intra verumque cireulitm . $ed cadit quidem 4, 3,
in circulum-A B D C; extra verd circulum A € K.
¥ Qued eft abfurdum Non esgo circulus circu~ b
lum extrs in pluribus punctis vao un?xt oftenfum #* 'l
us ergo, &c. 3

Quod oportuit dcmnﬁrare. j v

Propoﬁuo 14. Theor: 13,
Incivculo aquales vela linew aqualiser d cenw
tro difians. Ebsque aqualiser dcensro
dlﬂm ’ 4qnahs fun:. IR

Vnto in cxtculo ABDCred2AB,C D »$qua
les. Dico eas zqualiter i centro diftare. Efta prop.
centrum By 4 quo adre@as AB,CD perpcnclhcu- 12 L,
3. lares



(
8¢ LITBER [ 1.
Lares ducanor E R E,G,& iungantur A E,EC:Cum
ergo reita EF per constum du&a,re®am quandam
vt . v _ABnon per centrum du-
IO T ¢tam, ad angujos reGos fe-
bprop. - A_ - a9 cet; b & bifaraltream feca
N N téi;: zquale§ ergo funt A F,
\:(. EB.ErgoABduplaei
fiusAF. Ob cinpdth caﬁ:

. E fam °MZD diplaiplius C

1 G:e ':e,q‘dés etgo
ddefi- .3 D 1 BC zquglesTe; grunt &
nit.bue . qmdrati‘x}ﬁhjiﬁﬁ E.EC

jus.  2qualia, Sunt autem¢i quadrato fquodex A E,
fprop. ®qualiaqueex A F;EF (eftenimangulusad Fre-
47. 1. €us)ci autem , giaod ex’E Cequalia funt, qug ex B
G,G C(nam & angulis 4d G reQus eft. ). Sunt er-

. go queex A E;B Eaqualis illis,que ex CG,GE.
Cum ergo quod ex. A'F} zquale ficilli; quodex G
C(funt enim A'F, GG mquales ) erit & reliquum,

_.r quodexF E,reliquo quod £x E. G, 2quale : funt ere
gdef’ goBF,EG ®equales, g In circulo autem zqualiter
3. I.  dcentro abefle dichrtur reéx , quando perpendi-
culares ex centro ad ipfas dadtz., zqualesfuerinc.
Sediam diftent A B, C D xqualiter a centro , hoc
eft,E F,E G fint-azquiijes . - Dico A B, € D zquales
efle.ij{dem conftru@is; demonfirabimus, vt prius,
A'B duplani effe ipfius A F,&C D ipfius C G.Ciig;
AE, CE xquales fint ; erudit & earum'qiadraca -
h ’"f * qualia . b Suncverd ei, quodex AEzqualia ,que
47 ' xEF,FA:&ei, quodex CE,illaquzexEG,G
C:ergo quelex EE,E A fiint illis que exEG, G C
zqualiz. Cumautemei quod ex EG quale fic

- quod ex EF (Tunt enwimE G, EF gquales ) .erit18c

Lo - . ICll=

A}
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reliqium, quod ex A F, reliquo , quodex C G, =~
quale,2zquales ergo funt A.F,C G.Eft autem ipfius
AFdupla AB; &ipfius CG dupla CD; zquales
ergo funt A B, CD. In circuio ergo zquales re-
8z, &c.quod opartuizdemonttrare. .

Propol. 15. Theor. 14.
Inciveulo maxima eft diamesvus:aliarum ve-
1o femper qua nropinguior eft centrore~
motiore maior eft.

Sto circulus A B C D, cuius diametrus A D,
L. - centrum E; propinquior diamesro B.C, re-
motiot fitF G. Dico maximam efle, A D, maio-
. ' rem B C,quam F G.a Ducan.
tureniim 3 centroad BC,F G
perpendicularesE HLEK. Et
. -quizB C prepinquior eft cen
- . troy rem¢tior FG: b maior
. veritE K,quam EH. ¢ Pona-
-, uripfi E M ¢qualis E L;& per
Ldducatyripf EK adangu.
losrectos .. M; qua dnétain
T NiungintartEM, EN,EF,
E& CumergoE HiphEL finzqualis, ¢ crit&
B C.1pfi M N 2qualis;, Rurfuscom AE ipfi EM,
EDmerd iphE N fir gqualis;erit & A DipfisM E,
" NEzqualis:fedfM E,N E ipfa M N maiores siit:
eritergoi8cA D maior quam M N. Ec quia'dua
M E;E N,duabus FE,B G zquales funt; angulus ve
1O ME N maiorangulo FEG: ¢ erit & bafisM N
major bafi F G: fed M N oftenfa eft aqualis BC:
ergo & B C/maior cft quam FG. Maxima ergo
[ SN . F 4. d}

aprop,

12. 1,

b def.
§» 2o

< prophs
2.1, .
dprep.
11. 1.
eprop.
4. 3.
£prope

20. 1.

gprop.

24.1.
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eft diametrus’; maiorB C quam F &. $i erge
inclrculo, &c. Quod oportwtdemonttrare.

. ... Propofe16. Theor.15.

Que diametro ad angulos refdes ab extrensi-
tate ducitur 5 extra civcwlum cadit . Etin
locumsqui inker reliam lineam & pevipbe-
viam intersjcitur > alia reianon cadit . Et
femicireuli angulus omni acuto reétilineo
maior eft , veliquus autens minor .

Sto circulus A B C.circa centrum D, & dia-
metrum A B. DicoreQam lineamab Aipft

A B adangulos re&os du@am extra circulum ca-
" dere .. Sinon:cadat, fi fieri poteft , intra ;ve A C,
& iupgatut D C. Cumergo D A fit requalis D C,
. . - erit& angulus D A Can_

.. gulo ACD gqualis: eft
. autere D A C*re@us; ree
" Qusergoerit' & A € D:

. funterge DAC, AGD
.. duobus rellis zquales , «
quod fieri nequie:Non er-
goque ab A punfo iph
B A:ad angulos se&tos di
citur ; intra ciceuldcadic,
: Similiter oftédémus quod
- nec in peripheriam: ergo extra cadit, vt AE. Dico
fecundd , in locum inuer A E, & peripheriam C H
A interieQum,aliam re@am non cadere. Si potefts

- Cadat, vt F A, ducaturq; ex D.ipfi F A perpendi--

cularis D G, Etqum angulus A G D reQus fic, b
EEN ) . mor

[
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minerre®oD A G; ¢ erit A D maiorquam D G:
eft autem D A zqualisipfi D H; maiorergoeft D
H, quam D G, minor maiore ; quodfierinequit.
Nonergoinlocum re@a AE, & peripheria CH
Ainterceptum , alia re&a cadit. Dico tertio an-
gulum femicicculi re®a A B, & peripheria CHA
contentum , omni acuto re&ilineo-maiorem efle ;
rchiquum vero peripheria © H A &refta AE.con
-tentum,minorem . Si-enim eft aliquis angulus ma-
iorcontentore®a B A, & peripheria CH A; mi-
nor verd contento peripherii CH A, & re@a A
E,cadatinter peripheriam CHA, & re@am AE
Aineare@a, qua faciat angulim maioremre&ti B
\A,& pecipheria C H A ¢ontentym~( qui redtis li-
neis contmeatur ) minorem verd peripheria CH
A, & reta A E contentum:at non cadit: Non ergo
erit angulus acutus re@is liness contentus,qui ma-
ier fit angulo re@ta B A & peripheria C H A con.
tento;ned; minor, C H A, & A Econtento.

Corollavium .

7 X .his manifeltum eft ream , qua diametro
ab extremitate ad angulos re&os ducitur,cit
culum tangere. & reQam circulum in vno duntaxat
pundto tangere: fiquidem que circulo in duobus
pund&is occurrunt , & intra circulum cadere often-
fumeft. Qugergo diametro, &¢. quod oportuit

demosiftrare. -
BRI
2 4=

. Pre

b prop
32- &
cpnp.

19, Is

ipos

% 3.
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B | ‘Propbf. 17 Probt. an 4
vouv - ot dato punido reltans lineams ducére, que
e datum circulum tangat,

™ Sto pun&tum-datum A, circulus datus B C D.
y Oporteat autem ex punéto A reGamidueere,
T v o, que ciccnlum B-C Dran-
.- gat. Accipiatur centrum
" circuli E, ducawrgy AE,

Pl . . & ¢entro E, interuallo E

G A deferibatur civenlus: A

! FG,&ex Dre&xEA4dd

aprop. ; - aangulos re@os ducatur
1.1, - DF, inngaiiuwrque E B F,

, < . ... AB, Dicod pundlo A re-
&am A B du@am efle que circulum B.C D tangat.

- Cum'enim E cétram fis citaulorum B € D, AF.G3

b def. berunctamE A,E F, quam E D, E B equales: duz
I5. 1. ergo A E, EBduabus F E,E D zqualesfunt, ha-
€ prop. bentque angulum'E communein : ¢ erit igitur bafis
4-1. D Ebafi A B xqualis; &triangulum D E F,truag-
gulo E B A =quale;reliquiq; anguli reliquisceft igi

tur iphi E D F gqualis E B Azat E D F reQus eft;eric

dCorol igityr & EBA reQus . Eft verO EB ex centro ¢ 4
Pprop.16 que autem diametro cicculi ad re@os ducitur reda
3-- T linea,tangit circulum : tangit ergo A B cireuduss |
A daroergo punfto, &c. Quod oporeuitdenrons

ftrare.
ERPiy
et

Pro-

- — e M
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Propoﬁno 18. Theor.16.

* S civeulums tangat linea quedam yeéla, dcen<

. sroautem ad taflum veéla ducagur , evit
;Hu 4d Ftangentem pnpeymdqu .

dam D B’ eircu«

\\ ltm A'B C .in
LT fumatm’que
s el ccntrum Fiakg;
: ab F ad C du-
"D C G E " catur EC: Di-
L co FC 2d DE
‘ perpendmdarem efle. Sn non? ducatur ab Fad D

E perpendicularis F G, Cum ergoangulus FG.C 2#7P:

re@us fit ; e erit G CF acutus: & cumq; maiori an-
golo maius latus fubtehdatur,eric linea FC maior,
quam F G: Eftverd F C c zqualis ipli F B: maior
eftergo F B,quam FG,minor maiore,quod eft ab-
furdum: non ergo F Gad D E perpendiculariseft
Similiter oftendemus preter P 'C nullam aliam: F
Cergoad D E eft perpendicularis. Si ergo circu-
jum tzngat,&c. ,Q_od oportuit demonﬁrare .

- Propof 19, ’l’ﬁ'cm-.x 7+
S; reialinea circulam tangetydrd uﬂu tan-
" gentivella quadam a '}uto veltos ¢ in-
-.caturs evit inilla centy amd i .
Angat circllumAB Cr f inC, & ex
J

ipfi D.E ad. angnlos r:l‘tos gcatur C A.
.. Dico

-

32. 1.

b }mp.

90 .
c def
Ij'.
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Dicoin C A effe centrum circuli. Sinon: fit, fi
ficri poteft, F, iusigaturq; C F.. Qumergo circu=
S ,  lum A B Crangat
’ : T L re&aDE&AcE-
7 troad ti&unh du-
QaltFC, « erit
FC 2d PE per«
pendjcularis : an~

gulit o FCE
a rc&;m';ﬁ verd

PR . &AC Eye&us&

S orw ' " aqualis efgo e

p : c . E - 1ngl|llt§,ll’ Cb E,an
: “ gulo-A-GEy mi-

. .nﬁr kmai’ori;ﬁudd eft iiﬂird'uxﬂ:"F‘ ergh centﬁ.ﬂ,n cir
xuliABCnoneft. Similiter oftendemus sullum
-alud efle, prater id quodin &C..Si ergoredta li-
" neay&e. Quod demonfisate oportuit. I
(R Propof.ze. Theor, 18, R
. Inciveulo angulus ad centrum duplns ‘eft an-
" guliad pevipberiamsquando eandem pe-

5. vipberiam pro bafi babent. -

B U $to in circulo A
B Cangulus ad

Iy - eéntrumBE C, ad pe-
. .ripheriam B A C.fitq;

" 7 wiriufq; bafis periphe-
5 L tia B'C, Dico anguld
BB Cduplumefle an~
4. :gilli‘B AC.in&aenim
.. AR producatur in'Fe

B 5 c ' Cum
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Cum «ergo E A gqualis fit ipfi E Bjerit & angulus a def
EAB xqﬁgaljs anguloEB A: Sunt ergo EAB,E 15.1°
B AdupliipfiusE AB:eft b autem BE F 2qualis b prap.
duobus EAB,EB A: Eftergo B E F dunlus spfips 32. 1.
E A'B.ob eandem caufam eftangulus FE C duplus
anguliE'A'C:rotusergo BE C totius BAC du-
pluseft. Sitalterangulus BD C, iunftaque DE
producatur in G; & fimiliter demonftrabimus an-
gnlumGE C duplum efie anguli' E D C: quorum
G E B.dpplus eft iplius E D B: reliquus ergo BEC.
duplus ericreliqui BB C. Siergoin cireulo , &,
Quod oportuit demonfirare. "

Propofitio 21. Theor.19, \
Encirculo qui in eadem portidné [unranguli

T wquales [unt

A Intin portione BAED
) - circuli AB C D anguli
- BADs BED. Dico:illos:
zquales. efle .- Accipiatur
- centrum F; ducantutq; B F,
: FdD.. Et quid angulus BF R
Y . adcentrumelangulus BA -
Bb ' Dad pcriphcrjamg, babéng~. .© -
CL O que bafim earidem periphe~
= vorhe o rviam B €D: aeric angulus 2 Prope
B F Dduplusanguli B.A B. Ob eandem canfan 29 3
erit angulus B F B duplusanguliBE D; Suncer- .
£0BAD,B EDzquales . Incirculoergo , &e.
Quod oportuit demonfirare . - -\ :

_,!'.g

Pro-



voaprop.

32.1.

b prop.

21 3.

€ prop.

23. 1.

9¢- ‘LIBER IIL
/ Propof, 22, Thcor 20,

Qudnlamorum in cm:ulo dcfmptomm an-
 gulisqui ex aduerfo, duobus rectis
aquales funt , :

Y Itincirelo ABCD quadrilaterum ABCD.
Dxco angulos ex aduerfo cfle 2quales duobus -
re&is Ducantur AC,BD.
12 ergo omnis triangw
D C lx tres angguh duobus re&gns
funt zquales;erunt & trian,
guiABCtres CAB,AB
C,B C A ducbusre&is »-
quales. Eftaitem CABS
* 2qualis BDC angulo(funt
b enim in eadem portione B
A‘ - ADC: )&ACBipiAD
B (funt enim in portione A
DCB: ) totus.ergo ADCduobar’ Blgc, A’ Cp
®qualiseft: Communis addart A B_.C duchuk
BAC,A CBimul:&vni A DCfeoer eru’nt-
que A B C, BAIC,ACB duckus £B G, D\(F
zquales. ¢ fedABC BAC,ACB
duobus re&is rerunt ergo & A BC,ADCzqu S—
les duobus re&is . Similirer: oﬁendemus‘& BA

" D C B zquales efle duobus redis . Q!adnlatero-
" rum-ergo, &c. Quod oportu:t dcmonﬁnre .

Pron -
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Propol.23. Theor.21.
Super eadem recla linea dug civculorum por-
tiones fimiles , & ingquales ad eafdem
- partes,mon conflituentur.

& oy T “SI fieri poteft, ¢5-

fticuantur fuper

) eadé re®a A B diz

' ~ « Circulorum portic-
Hlee—B

nes fimiles , & in®.

s -~ qualesad eafdé par=
tes,ACB,A D B; du&aq; A CDiungantur C B,
BD. Cumergo portio ACB fimilis fit portioni
A D B, fimilcs autem portiones ®quales angu--

externus & internus oppofitus, & quod fieri nequit.
Non ergo fuper eadem , &c. Quod oportuit de-
monfirare —_—

Propof. 24. Theor, 22,
Super aqualibus vellis lineis fimiles circwlo-
/- rum portiones, aquales [unt.

A . Vo

S fm: fuper zqu.alibnzi ré&is;&«ﬁ, C D fimiles cir
J) culorum portiones AEB,C F D. Dico illas

adef,
los capiant, eruntanguli A C B, A D B, equales, b‘

b O 3 .
frof..

16..1.‘

sy

efle
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eflc xquales. Congruente enim portione AEB
portioni C F D, pofitog; A pun&o fuper C, & re-

- g o -
A —B C D

&1AB fuper C D;congmet &Biph D,.cit;od AB,

C P gquales fint. Congruente aotem re@a AB

te&t® C D; congruet & portio A E B portioni C

FD. Quod fire&taquidem A B congruat re@tz C

D; portio verd AE B, portioni CF D non con-.
gruat;fed alid cadat,vt C G D,fecabit cireulus cir

> culumin pluribus quam duobus loeis vt in C,G,
aprop. D, « quod fieri nequit . Non ergo congruente re-
10. 3. &a AB retz CD, nencongruet portio AEB,
b def. portioni CFD: Congruetergo , badeoq; zqua-~

8.1. lisillieric. Sierge fuper,&c. Quod oportuit dew
monfirare.

Propof. 5. ,'Probl; 3. _
Data portionecirculi ,defcribere circulum
cuius et portio.

aprop, € It datacirculi portio A B C, oporteatque de-
10.1, fcribere circulum, cuius AB C e portio, «
b prep. Bifecetur ACin D, & exD 4 ducaturipfi ACad
11.  angulosre@os D B, iungaturq; A B. Angulus ere

ge ABDjangulo B A D aut eft maior,aut ¢qualis,
¢ prop, RUtminor . Sit primo maior , ¢ conflituaturg; ad.

23. 1, Arc&z AB angulus B AB ¢qualisangulo ABD;. -
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prodiicaturgue; D B ad E, & ivagacur E €. Cuny

itaque.angulus A B.E ficzqualis.angalo BAE, 4 4 prop. \
oo B PP | N SSRE e G T,
‘“.' n - -." -A‘i',’ -'D . 'c:'-“”’;}

" eric& B B#qualisipfi AE &
L Tdnd ADrqualisficipfi DC,
-/ comminis DB ‘addatur’,
- enintdeke A D,DE ,duabys
CD, D E2quales, altera al-
/| teri; & angulus ADE angw- -

A D C lo CBE zqualis; eft enim

(00 ™ yterquere@tud je ergo & ba-~ ¢ prop,

fis A Ebafi CE*zequaliserst. Sed ipfi AE demon- 4. 1.
firata eft BE gqualis; eritergo & B E zqualis ipfi
CE: tresergo A ByE B.E C zquiles funt:fcirculus ¢ oo
ergo cesitro E, & interuallo vma iplarum' A E, EB, o 3’ ’
E C defcriptus, t1anfibis esiam per reliqua pottio 1” ¥
nis punta, & cigculus defcriptuseerit. Cireuli-ergo |
portione data,defcriptus et circulus,cuius eft por~ - ©
tio; & cum centrum extra portionem cadac, manis. ¥ 7
feftum eftsportionem minorem efle femicirculo. -
Similiter 6-A B D angulus , fyerit ®qualis angulo-. -~
BAD,gerit AD ®mqualis virique BD, D C; érgo g ex fire’
tres, DA,D B,D C zquales funt, 8D centrum cir-~ sthra’y
culi, portioque femicirculus.. Sivero angulus A exprops”
B D minor fueritangulo B-A D, b conflituaturad 6 1~
AreQz B Aangulus B A £ equalisangulo AB D, h prop,
cadetque.centrym in D B lineam intra pertionem;23 1,
ABC, & eric portio AB G fgmisjreulo maior.

Coeld G Siergo

PR ]
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Siergo ducatur BiC€ Bftendetur vt in prima figura -
quss b tres BE, B A, E Céfle 2quales:Data ergo portio-.
", necirculi,defcriptus eft circulus, cuingeft portio ,
" quod oportuit facere. P 5
PEE S WY
Propof.26, Thebriag.' |
In aqualibus cinculis aquales angli equeli-
busperipberifs infiftiunt , fiue ad'centras
Ao fincad peripberias infiftant.
ORI Nty S ] oo '
N ¢irculis 2qualibus A BC , DE F =quales in-

o

. fiftant anguli adcentra, BG ;?, EHE; id pe.
pgtip

tiphecias BA G ,E DF.Dieo herbsBK C,
Spowte e A0 E T
PRSI s SRR o) g

. . '“;'jl.. - .- B .‘:",‘ < -
" “ELFE zqualesefle . Juagantor:BC , EE - Beguia’:
circuli 2quales funt,ceront & que-ex.centvisgqua:
a defl 1es, Duz ergo BG, G 'C, duzbus E H, H Faquss.
1-3- les fant: fed & anguli G, H 2quales funt : bergo &-
bprop. hafes B C; B F xqualeserunt. Et quizanguli-ad
4-1- A,D zquiles ponantir, #étunt portiones BA G, -
¢ df. EDF funiles, & funtinzqualibus reétis B C, B F,
37-3 dque autem.circulorum portiones finifes in ¢quas
492 1ibus funcreis lineis,xquales funt: portidones.cr-
34:1--go BAC, EDRaqudlesviint 2 Sunt verd & toti cir="
- sculi 2ghiales; religuz exgo peripheria B K C,relis
* {queEL Faquilisef.In ‘_Q’lialhbunrgb,s_;c.%qd
demonftrare opostmits 5 T 0T
o B Propo-

e ————— e g~




|  LIBER FIL 59

Propofitid 27, Theor: 24.
Inaqualibus civenlis angali qui aqualibus. in
fifiunt pevipherijs;equales) unt fiue ad cen
trasftuc ai peripherigs infifians. -

o l N ¢qualibius ‘circilisi A Bo€,D E'F :2qualibys
- perspherijs B.€, ER infifnranguliadekbnga

B - K,.ce;- N e
BG C;E H F; ad peripheriasB A €,EDF Dice
tam angilos BGC,EHF,quaumBAC,EDF 2~
qualés ofle.. Sienin'B G C, B B Foijiales fonc; «
petipicoum eft & BA C, E'D F equales effe - Sims:
fint : erle vans maiori Sicmaior. B G C: & cotis

. figaor ad punuth G re@t B G angulus B G K-

: zqualis angulo EHF: cangulizurem wquales2s.
! Gualibus peripherijs infiftine, cum funt ad teirai:
. peripherixergo B K zqualis evic petiphériz EIFt

) fed & EF ®qualiseft BC: ergo &ipfi BQlaipla=

Nonergo anguli'BG C, RHF inzqualessfumcs
equaleyergo. d Eftquicangules ad A angultBGGs:
&angulus ad D anguli E H Fdithidius xe Sunyérw:
gix&cangli ad A oD gquales: I gquadibusiergs
circulis,&c. Quod oportit demenftrare.: 1172

wtf ‘ G 2 Proa-
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100 LIBER IIL
Propofiti5 28. Theor.ss:

In aqualibus civcalis equalesyella linee a

< gquales pevipberias auferunt, maiorens qui-

dems maiors; minerems autem msinors,

Srm in qualibus circulis ABC,DEF xqus-
D {escltg B G, E F, auferentes peripherias ma

"B c B
. c ) ~‘, .7-...:.,‘
iores B A C,E D F; minores BG C,EH F.Dico
tim maiores peripherias , quatn minores 2qual es
effe, Sumantur enim circvlorum centra K, L, &
ducantuir K. B,K.C;.EL, L F; & funt circuli 2qua-
Yes; s erge & qua ex centris zquales erunt: igitur
duz B K,K C, duabus E L, L Fquales funt; fed

bprsp. &bafes B C,EF zquale func: berunt ergo & an=

8.1,
cprep.

guli B K-C,E L F2quales: c gquales autem angus -

1i zquelibus peripherijs infiftunt cum fuerine ad

86. 3. centrs; ergo peripheri¢ BGC, EHF xquales funt§

fed &zoti circuli funt zquales: reliquz ergo pe~
tiphesiz B A C, ED F zquales quoque erunt . Si
ergo in.zqualibus circnlis, &c.' Quod oportuig
d‘mmmo . e . Sl

L0 ‘ PX’O:

e —m



LIBER 1IL 108"
Propdf . 29 Theqi.z&.‘ k

In equalibus civculis aquales peripherias 4
 qualesrecialined [ubtendunt, =

. Ccipiantur in qualibus circulis ABC, DEF .
zquales peripheriz,BG C, EHF, & du- fig- vis

canturre@&z B C,EF: Dice re@as B C,FF 2qua- de pap,
les efle . Sumantiir eniim circulonim centra K, L, £74¢.
& iunganter BK, K G; BL,L F; Cumergo peri~
pheriz BG C, EHF zquales fint, #crunt & an- a prep,
guli,BKC, E L F 2quales ; & cum circuli zquales 17. 3.
fimt ; beriint;, & qua ex centris xquales: Duz'er~ b def
goBK ; K C;duabusE L, L F-zquales funt,con- 1. 3,
tinentq. @quales angulos;« ergo & bafesBC,EF ¢ prop,
aguales erunt . In equalibusergo circulis , &c. - 4. 3.
Quod opostuitdementtrare. . :

- - Propof.30. Prebl. 4.

. . Datimpevipheriams bifariemfecare,
gt I Stedans ﬁeripheril

R - E ADB, quambife- .
. ﬂ - ¢are. eporteat ducatur
S 3 . A B, abifeceturque in C} aprops

.7
A 8 & b pun@o C ducatut 4q.4, .

el , ~ " ipfi ABad ingules re&e¥ § prep
CD iungantyrq; AD, D B.Bequid AC aqualis ,{:‘{:

. eft C B,communis C D; erust duz AC, CD, duas o

bus B C,CD aquales ;& angulus'A CD angulo “?r, .
B:CD 2qualis, cft enim vterquere@us ; ceriter- J prop,
go & bafis AD bafi D B 2qualis; dzquales autemi 53, 3.

reQiz xquales periphevias a‘u’fémut; maioren ma-

3 ieri,



102 LIBER IIL

iori, & minorem minori , eftq; vtraq; peripheria-
rum A D, D B-miner fpmxarculo s quare periphe-
riaAD xqu.zhs eft peripherie D B: datz ergo pe=
tipheria blfe&a. cﬂ:. Quod oportuitfacere.

Pmpol' tio 31. Theor: 27.
.- Inciculs anguluss quiin Jemicirculo o‘e&ur
. dtsquiingottione raalore minor; ‘qui in
" minore maior veclo.cf}. Infuper majoris por
uoma-gfd»s M&n&a 5 Waimoris nﬂo
“wsinores}, S o & ‘ :
hSto cncu.lu: ABCD,dnmetrus B C,t-cncmm
B, & msgnuut.B,A,A +C, AD, D C.:Diica
g © -eosagulum BACin fexmcxrcu~
j.._ ,\,;‘.‘Jg,xc,&umeﬂ'e ~ABC , qui
* oft inportione maipre femis
4 circulo,minorem; ADC,qui
-eft in portiene- minore , ma~
jorem redo. Ducatur AE,
- producaturque B A'iri F. E¢
2‘13 BE,EA z vales func,

N

aprop. - S weiales. Rurhrs
ion weales. 2 4w,

’ o b Ep zqnalcs fummt& angui L C B, C\
guales: totus ergo R A G.duohus ABG A

b gnf, ghalis elt . b Et verdii FAC cxeemu—dncbus
32- 1+ ABC, AG B..aguplis czquales ergo:fmeB A C,
'( EAC:¢ ergoreasurerque. Quarc angulus BAG
infemicicnloBA G sediselt 4 Buquin Sangns

‘Il"l’ li AB € duoanguli-ABC, B A C duchuarciis i
‘J '*" pores funt; B AJfG aem rectus eft; ctit A'B Cimiw
T BeRrego;. &:ﬁmm&m AB-C  ulnion feryi
o o “circulo,

b

A,
2=

e —— -

——— " m— .



LIBER JIIT 103
cirevlo Rurfusiga ABCD m cirqulo quadrilater e prop.
et quadrilatecoriqusé in cigsulo defcriptari,qpi aa. 3.
exaduexfo anguli duobus reétis gquales funt;erune
ABC, & DC duobus rc&xs zq u:éc&*& efABC
mggnorredo 3 rehquus ersd & major; & eft
irporcione-minore femi }tulo Dico'praterea

anaioris portionis angul ntgntum enphe—
ria ABC, &nefla AC mg rcqi)ﬂ'e re§0; mino-
sigverd persionis pcnph C, SereQta A C
contentum, minerem”, rfe‘:i’pz

etiim angulus te&is B A’ 'A C contentus reftus f ity

evig quiperipheria A B.C;&re&a A C continerug

maior reéto . Eccumaogulus re@tis. A C; A, F;Qn-
tensussreftug frseris vedta AC,& peripheria ADG .
contenmus,minor redo. Avhgexdcnmnﬁmwr BAC . .
re&unrefle. Angulus ARG du plus et anguli BAE, ~~
g xqualis enim et duobus internis & oppofiris. Frep.
Eftverd & AEB.duplus angunli E AC sangulierga 381k
AEB,AEC dupli func ambulx BAC; atAEB &
AEC zqguales innr duobu: re&is;, crgo B A Cg ‘
:c&useﬁ canis RERE

oyl W

i
N Corollamm Saedoa
Ex bl&nﬁnu'eﬁum eft ,ﬁ u;:rm-.gulo vnus ah-‘- ,
gulus, dugbusfic @qualis ;eum re@um eﬂc,iquo
ctlam,quxcﬁ £i deinveps,duobusvedtis ; xqua

fcu auté anguh dcmeops aequlcs fucrmqre&i sig; £ def

Ot 10. 1.

.. Prapek 32 Theer; 28,
&:mulmqwann&u Letigeris » e?'d ta=
P ducarnr veltacircilum [wns; erunt an
gubi quos ad tangentem facit, qualesilliss

qm in alternis cironli pomombm cofiftis.
o 4 - Tan~-
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e TA_ngu circulum A B C D' rea quadam B F,
s v Kin B 3}1”#"7“!:;&3 D fecans circuli;

R g il ad e Dice angulos
R SR -unoE;'BDEd‘ni"ti:
ATy geate ficit,equa.
14 v Jes effe itlis o qui
s o fune in alternis
aé - cireuli- portionis
: buis shoc eft,an-
ol TTOT e -“gﬂum FBD e
- SE. B..F. ~qualem effe illi;
qui éft in portione DUA-Beangulum ver6 EBD
illi,qui eft in portione D C B .. « Dicaturenim ex
aprop. Biph EF adangulosreQtos B A, & accipiatur in
11. 1. peripheria BD quoduis punétum C; & ducammur
. AD,DC,CB; & quia circulum tangitreQa qu¢-
Bi’"i’- dam EF in B, & dta@a B dufla eft cangenti ad
9 1. angulos retos B A, berit in BA” centrum circuli ¢
c P"’?. cafighlis ergo A D B.in femicitculo exiffens ,re-
1.3, @uscht:reliquicrgo BA D, ABD vniredo gqua-
3%3" Jos.Sed & ABF refuseft , 2qualis ergo angulis
BAD, ABD ; communis A-B Dauferatur: ergo re-
liquus DBF erit.ztkualis reliquo B A Dinalterna
rivculiporrione exiflenti. Etquia ABCD qtae
dprei Aritatervm eftin citeulo defcriptum; deriintane
’f 1 gli oppofiti duobus re@is ®quales: erunt ergo
“3 znguli BB F, DBE¢quales angulis BAD,B.C D}
< quorum B A D oftenfus eft ¢qualis D B F; eriver~
go & reliquas D BE, relique DC B imalterna cir-
cull poibiente D EB exiftens z?ualis- Siergo cire
cﬂl:m-red; qugdam ;&c, Quod eportuitdemon-

re.-.. .. . . :

o
RS

. ey, Ao .

o . .

R Y Pro-
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LIBER ITL 10§
ST Pfopaf 33’ Pfobl‘ g. »
Supzr data veéta deferibere portionem cirenli,

que capmt angulym aqualem dato . |
angulan&dmo. .

N 1e dara te&a Jie oo
. nex AB, datiis-
mgulus re@ilineus
C, & oporteat fuper -
ABapomonem Cir= . -
B culi defcribere, qua
lgulnm xqualéan~
ulo C capiat . An-

re o s ergo C,-aile
BT D ra ‘:cutus,aut re&us, e
""‘—-'"""‘ : . obtufaseft. Sxtprlmd
N ~Zeleas,ve in prima dé
by A\l fupuone "« Conftit .
it A & tuagut ad A punétum 23.1

rc&z A B. angulus

D zqualis an-
s gu% “C, quiracutus

SRR /b M, - etic. EnbA ducatur

- /?\ 35 adﬁa ulos re-bm

SR P os ipfi A at ue

B ul)) E rbx ceglr pr

Ex F d ducatur FG e
TR IR : adangulosregtos ip- | " ’

San T N fiAB, ducatnrq,BG _

EtquizA F 'cquahs e/ ¥ B, communis F G; erunt

dig AF, F G,dvabus F B, F G xquales;angulusque .

« A F G aﬁgulo GFB xquahs seeric cngo #é b:ﬁ; ?"P




106 LIBER TIL

A Gbafi BG gqualis. circulusergo centro G, in-
teruallo A G defcrpays tranfibic etiam per B.De-
feribatur,& fit A B Ejiungarurg;EB. * Cum itaque
diametro A E/abextremitate A ad angulos re&os
fir ducta A D, feangetipfa crrculim 5 cunidue cire

- culum ABE re&a que
~dzrmA D tangat,fieg;
8 tadtu 4 in X&:culum
-dufta r%\)a Bynerit
¥ D angulus D A'B ¢quae-
Ao 7 lis dngnlo AEB in
Ci Wi, o~ alterna fe@fone AE
o B exiftenti: fed DAB
D eft¢qualis angulo C:

, igiur & angulus C
~gqualis erit AE B an-
B guio . Super datagre
gore@a AB pomio
- circuliMeferipta eft
r~-~—capiensangulum AR
: B. ¢quilém angulo
. N\ €.5Sirtam angulus C
te@tus , filge rurfus
ifiper A-B partio cir-

s A
s 182 o M
R r

w0 P culi ~capicas angu-
e Y N TS e defcrbenda b
Jprop. e N A E Frat angu]us BA
23Is 1y angulo. C.2qualis ; v€ in 2. defcripridne : &

crprop. a0 B Eb ifecetur;& centroF, interuallo F A, aut
;o;oi' -FB deferibatur A E-B cieculys. R Tangit igicar.ree
o u!'. &ta AD cirenlum.yquod ;qulus, BA Drefus fic:

1; ‘f o fed angulus- B A D ggualis eft & apgule C; &an-
S - < - gulo




e

LI:BER"ELL o7
gulo} AEB in alterna feQion® ccltigitur & AEB; | prop,
angulo C zqualis . Defctipta ergo cit fuper AB 33, 3.
portiocifcul; AEB capiens.angujum AEB zqua- " '’

emangulo C.Sit terde angwineCobtufys. im po= mﬁt I,

.matur eiad Are@x A Baqualis BAD , viin ber- prepe
tia defcmpeione , » dubanigq; rct{x AD adangn-
losreftosrefta AE; &“Q \n Fe bifecetur, cui ex
F.ad pwpsgulos re@os dudatus FG, & imgarur GB.
Cfiitaqs AF =qualisfit FB,cdmimis FGyerit due
FG,AF,; duabus FG,B'F 2quiles,& angulus AFG

) ST A prrop.
angulo BFG 2qialiss g erivigicur &balisAG [T}

e e 4 Pop
€

ualle. G A delcriprustrankbic etiah per B, ran- o
feat vt A E B, quia ergp diametro-A Eab extremi-, f;'-P"
tate A ad apgulos reQesduia eft A D,r tanges ol 1g.
illa civeuluim 5 & cun X talti A in circulumduéta 3
faB; reritangulus BA'D #yulis angulo AHB, [y,
qui eft jn'alterna purtivaecirculi: A HB:Sedan- 324
gidis BA D 2qualized angulo C. ericergd &
orgulus A HB inaftetneportione xqualisingisr

lo Gefuperdaza ergor efcripea eft por-
tiorcivculd A B capfiens angulum zqualeqg an-
gulo €. quod-opordit facese.- T e e

oL
- . 14
PR PN tt g N - i

sist 7 Propol g, Problsy T u
A daghciteislo pordionem auferve, qua capine  °*
rs!ﬂf&ﬂl‘{ﬂtﬂqualmjat&}y'guia retilineo,
2 HA LD - b
I3 %o dausiirculus ABC | datus angulys ré i~

? linensD. Qposteas sueema circulo: & BG

_pettinaem gufsnte , quE caffiakangihum ; angulo .

D zqulem . Ducatyy E F.wngesis'circulum nB: 275y
& Confligucurds. sd B xeétn £F dognlus BB C 331,

RPN zqualis



108 LIBER IIIL

.2+ 2qualis angulo D. Cum ergo circulum A B Ctan-
b gure&a EF,& dta&u B du@a it BC, b erit angu~
f"f A A TN lus F B C ¢qua-
i MR A- € lisanguloBAC
t o . in alterna por-
tione BAC ¢+
- ftieuto: fed ane
. TulusFBC equa
E- B : iseft angaloD:
‘ : F - -erit :gxmr&BA
* Cin alterna fc&mne endwE angulo Dzqualis 3 dato
. . ergocirculo AB C ablata eft portie BAOzap:en
mgulu 2qualé dato anguloD.g oportebiat facere.

, - Propol.35: Theér.sg, ~ -
. Siincireslo due reéla [¢ innicem fecent, evit
* . reltangulums poriionibus ynius contentym,

" - aquale portionibns alterius contento, .. -
 Ecent in circulo AB C D feinvicem duz re&e
AC,B DmE Dncorc&angulum AE,REC
. ... i contentum e
-+ - qualeefle D'E;
' EB cSeéro.Si
1gxtur AC.BD
er cétria trans
eat,per ;cuﬁ
‘eltcli AR ECY
f f’DE,Enguiles
fint; & AR,EC
c5térhi, xquale efie,DE EB contentor Quodfipér
teritrum non tiwnfeanc:accipiatur cemtrum F,ab
agrop, eoqtie ad reftas: AC ; B'B « ducaritur perpen-
zix y. diculates FG FH,mnganturq, EB,FC,FE. Bt quia
e u&aqucdamGF percentsiun du@a, reGam 3::;-
m
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dam A Cuon per centrum duftam ad angulos re-
&osfecat, & bbifariamillam fecabit: gqualesere -
o fnt AG,GC. Cum igiturre&a AC in G gqua- Of"*f
- liter,in B ingqualiter fe&ta fit; ceritquod AE, EC. 3+ 3-
continetur ¥eQangulum , cum quidrato quodex $F™P
EG zquale quadrato quodex G C,, fi commune,, ¥° 3
quod ex GF,addatur,erit quod AE, E C contine-
eumillis,quz ex G E; GF quadtatis, zqualeil-
mquz ¢x CG,GF.d Sed illis,quzex CG,GF 4 pro.
aquale eft,quod ex FC: illis vérd,quz ex GE,GF, prd .
zquale’eft,quod ex FE: ergo uod AE,E C cofti- *
netur ycum eoquodex FE, 2qualeeftei, quodex
FC(zqualis autem eRF C 3;6 FB) ergoquod
AE,EC continetur , cum illo quodexEF , 2quale
eftei, quod ex F B . Ob candem caufam erit quod
DE,EB continetur,cum illo quod ex F E 2quale ei
quod ex F B. oftenfum cft autem &id, quod AE,
EC continetur,cum eo'quedex FE,xquale efe ci,
ued ex FB: ergo quod A E , E C continetur cum
o quod ex FE,2quale eft illi quod:DE, EB, con~
tinetur,cum ilio qued ex FE quadrato;commune,
quod ex FR, auferatur; &erivteliquum AE,EC =
contentitm, quale reliquo D E; EB contenta. Si -
ergo incirculo,&c. quod oportuit demonftrare.

Propof. 36. ‘Theor. 30. -
- Siextracirculum punilvm fwmatur » ab eog;

_ incirculum due rela linescadant 5 qua-
. vum nacirculum [ecet,alcera tangat 5 re-

- Elangulum tota [ecante & caparte,, qua
inter puniium s @ curuans pevipheriam |
eftscris aquale sangentis quadrato,

.. ' S "Extra
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E“Xtra cireuhmn 'A'B C fumacur quoduis. puns
éum. D y'sb@ogsad circulum &adant' doz

.
ey ot

te&2 DCA, DB; quaram D C-A cirenlumy fexer,,
D B tangac. Dico ré@angulum A D, C cotren-
uim,zqualé effe quadraro,quod fitex DB Tranfic
autem D C A per centruim,aue non . Tranfear pris
* aprop. mo'per centrim quod ficE . Duéta evgo B B,y serit
18.3. asignius E B  refas s Bt quia re&a A C bifecatur
b prop. in E,eid; appofira eftyin dire&uri CB; beris qund
6-1. AD,D Ccontinetur; cum eo, quod ex E C zquale
¢i,quod ex ED; eft vera EG 2qualis ipiE B : ergo
qued AD, DC contineur reQ@angulum,cum qua-
drato quod ex E B, 2quale eft ei,quiod ex ED, qua-
drato. c Eft utem quad ex ED zquale itlis,quz ex
¢ prop, EB,B D quadratis, quod angulus EBD refus fit.
47.1. Ergoquod AD, D Ccontinttur , cum ca quos *x
, Eli; zquale eft illis, qux ex E B, BD; commune,
quod ex EB tollatur, eritque quod A D, D C con-
tinetnr,equale ei quod ex-Tangéte DB quadr:gto‘,

- e

f




LEIBER: FLL 1381
Sediam D C A nen tranfeat:per centriim ,acci-
viaturg; centrum E, 4 ab ¢0q; 3d. A.C perpendicu-
?iris d?fc'i_lﬁur FE,iunganturg; E B,EC, EPD;_c,erit d prep.
érgo angilus EB D re&ts. Evcum recta quedam e ovo )
EF per centrum duéta , reétam quandam A C non x'g P
per centrum duétam fecet, fad reGos angulos il- £ '03 *
kim& bifitiam fecabicy funeeigo AF. F Czqug- . - £*
les. Bt quia re@a A C bifecaturin B ; eid; in dire-. 33
@um additur C D, g erit quod A D, D.C cotitind<
w;earg ilo.quod ex kC, xgdale ei qubdiex F Dis g 7P
Commitne,quod ex EEsaddarur, & erit quod A D5 62+
DCeontinewur,cum illisqueex FC , FE,gquale « -,
. ifisyque ¢x FD; F: illis aitrem,qux ex DE; B E B h propy
zqualectyquod ex DE( eftcnitnangulas EED: 42. 1.
se@us:) ilis Verd,quanex CE;FE, =qualeeltjqubd .
& GE.Ergoquod-A D »DiC-convinewir @iwiild ... .-
quosbex BC, ¢qualeeft éiquod ex E D, feRautem |, -
EC gquialisipli EB: Ergo quod A D, D C-contine-id:fl§
tpr, cum illo-quod cxEB;pquale eft er, quod ex
B D autem quodex kB D 2qualia fung que ex prop..
B8BR), cum angulid & B Dfit reus ¢ erga quod 47. 1.
AD,BC tontineuy cufréo'quod ex EBjgqualeelt . -
illis,qugex EB, B D; (Cofnmune,qpod éx EN tol-
latun & erie qiod A D; D G contingsariediang,
lm , gquale quadrato ex tangentis D B. S Nz

exsra'citculum,& Quod QPO,I‘UI’FM‘ 3 ng{:% S :
[EPFTERIN -‘ I Y .n},v_,,‘ \ -'—i \vn, o
. - Propofgy. Theorigr. ~ v
Si extra civculum puniiume{unatug s.4b.eaqs -
incirculnm dud pellacadint ;quarsim vaa' -
circulum fecet ; algera incidar ;i fit anrem
quod tota fecante > & ed parte, que inter
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- panslum & curuam peripberiam eft s ton~
. ginctur reClanguinm , aquale quadrato.
quod fit ab incidente , tanges incidens cir~
culum, S Ty

' S Vmatur extra circulum A'B C pun&um D, ab’

" &) eodue in circulum cadant duzre@g DEC A,

DB; quarum DCA fecet, D B incidatcircalo . Sit

* +: -awremquod A D, D C. continetur re@angulum;

. equale quadrato quod fit ex D B. Dico D'B circu~
aprop. tangere . = Ducaturenim -D B circulum tanw
17:4, BeMS,fumptod; centro Fyisngantur ¥ EyF By F-Dy
bprop. b & eritangulus F E D re&us.. Etquia D E tangic 5.
18.3. D C A fecat circulumy ceritqued A D, B C con~
¢ prop, VUBERF gquale ei quodex D B ; ponitur autem &
363, - 5 gquod AD, D Ccantinétur,
L30T D - equale € quod ex DB exgo
Y . .-quod ¢x DR gquile.efteiy:

+ quod ex-DB; gquales fune

ddef, . . ergé DE,D B;d funt verd &
5.1, .‘FE,Fnsqudes:dﬁg igitar.
® DE, EF,duabus DB, B F ¢+

» quales-funt ; & bafis FD c6~

: . munis;eangulusergo DRE

- Sprep ¢qualis eft angulo DBF:eft.
8.3. autem D EF re&us; ergo &

. DBFre&useft. Bt BF,h pro

feor, ducatur,eft diametrus, f qug

Propef; autess diametro ad angulos reos ducitur ab ex-,
16.3, tremitate, citculnm tapgit. Idem demonftrabisur
pari modo ficencrum fitin A €, Siergo extracir
culyin; &ec. quod qporfugz‘Qcmonﬁrare. _
o ' EvelE

)
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S anlEC & ALY oo YR RE R e RPN
. ..'::C %] O T Y AN "’é .

E LEMIZNT VM .
. QVARIVM. .. "
. B ‘ftﬁ”iﬁéhiﬁ .. '
Ignﬁrkailj)ea ﬁgura;n&i.liﬁc:z in=

- feribi‘dietue , ewmn Tinguli fidferipre
-angolisfingula ] frera ciumkﬁ_
- sbitar,tangling,’ - - e Vg
v+ 3 Similiterfigura. figure circumfcribi dicitur’,
T fihguls latera cisowmfcripea , fingulos atgu-
fos eiiis,cui civcumferibitir, tangunt,” L e
g Figura re&idines cirsulo inferibi dicitur 5 ¢
Snguli anguliin(oripta wdngun’ts peciphesiath-eifs
. cull, laprop, 2 xvikmpilums A B C i, [s5te; quudrgin®
ABCD civesls inforiphms vides.. % 5.0 ls o

(SRS ] K
7 4 Pigura re@ilinga ‘cireulo icircnmiccibi dicia

tur,cum fingulaatera cisoumlfcriptz gavculipesid

-,
cer i?

pheriain tangunc. 1@ prep.qtriangubon 4 BC @24 -

wa guadrdsion ABCR cirenle ciy ewmfriprumscOpmis, .|

< g - Circalug fingiliter iguse. infrribi diciws sum - -

cicculipesiplresia Gngulidarera ciug o cutidoftr bis
tur, tangit. Ia prop.4. circulum EFG iriangple MiB Gy

ot anacirculum E F HK quadrasey A B C D inferipim !

vides . Lt
6 Circulus fi
ripheria circuli ﬁhglﬂbk angilos efus, chif eif
feribitur, tahgiu-lﬁ-»ﬁ'xxif:m B C triangu.
bosfexsaciveplum ABCD quadwaso circumferipti vides.
S ] K 7 RC&I.

P

|

"‘-':-:".:' -.‘J.‘ *
ure cnrcumfcnbkcl_;_g;_tug;ug: pe.
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+ .7 Rel&alinea incircule apeari dicitur , eii eius
sermidi in<ireuli perjpheria fuegine, .

Pmpo{' I. Probl. 1.

In dato mculo,dnu re{k lines, qmc dmne-
810 cirewli maidr non'i it qualem ve-
: Glam lmum spare. *

N Q Tt daws airculug ABC,
P Wud . dacd redta, quecircu-

dmmkromawr non -fie,
BD ~Oportedt autem citcu-

S < riequalemsaprare . Ducatur
= F T o disdeetsus arcult B C. Si
5 Bulsin. o lierge BC aqualis eft ipfi
D;fa&uweﬁ quod ndpchnm. Circloenim A'B
C apracapft BC zqualis re&x datzSi autem B'C
a prep, maior eft quam D aFiac C8 aquilisiphi D; &
3. 1, cenkro C, “inseruallo’ € H-deforibarur eirculud EA
F,ducarrds € A. Quixrerge C centrym cfk circxs
de WA P berit C -A'aqualis G R ofed ipfi D zqua-
b f Jis A€ Byerie ergo & DraequulisipliAC Dato
5.2, et o tirttlo ABC, datx fe@x Diion'maiori cire
ﬂmnmo,aths (fA apuueﬁ %d opors

Lty

e A
R R

Pmpof 3. 'Probl 3.,
thmdo tianguluns dato man;ub
qm;ulm n[‘mbm.

RREELE . - Sit

E Y

JMBCxe&em,re&zD~
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A ciaehlys: dacwsab B, trizngulum datum
S c.\a gymtaqquqcnr.cqlp ABC. manoulmxg
W»ngulo DEF aaquungnlnmmknbcu Duca:u:

4O o r»){b,‘-t vre*‘" ‘).A H

w-.';. e TN a0 ‘.ﬁ'-: b
: L ..\'t:.,'. P LT L S S
. . . JL“‘\' ‘.
- T ‘\ ," £

- r’ ./"‘ [
G A Hangens qrculum A B' C infA; 4f°l‘ﬁmu-
turque ad A rc&2 G A H, Fngylus HA'C jqualis 2prep.
anguloDEF,&GA B zguahs DEE; dugamirque 33- 2
B C.Quiaergo circulum A B C tangitre@a GA
Hy& dududu@aef A:C; beric angulis HAC b prop.
gqualis angulo AB-C in altama porgione : fed 33.3.
HAC eft2qualis DEE angulo; erisergo X ARG
aqualis éidem,DIE Fl: Bademsatione eritangiiys
ACB angaloDPquuam,c reliquus ergo:B.A C e
aqualis; sxit: sliquo BDF Eft ergo-triangulus ”"‘E
ABG: wiangula RERaquiangulum, Sinlcripuis * ‘\‘\
sl cireulo A BC.: D}tO’tlgU mtulookﬁ. Sed "7
eportuis fam:« Coe Frii ot ”\ R
(.‘!..1:,.’.’\‘ i ,-_’.\l "y f:,.f
propof.ga. Brbb} ;. FodAa T N0
e-m dmms cirenbiin déto teiangal éqmmﬁ S

- E5dum manzulum dcrnbcfc. e
..r e A 0 ; 38
Sto dawsmculuc A K G da;um tmngulum

&RF.Dpotmtqvc Girsa ABCxirculim
o d A H » trian=-
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s L'EBERNT V.
ttiangulo DEF zquidnpulum triangulomdefciis
bere. Produeator vt#haue ER in G & H, fw
aturqie 2enteum K'eiveili A'B-C ;& ducatprne?
&a K By libet; & « conflituaturad K reGz K B
a2 prop, angul{b E G x4ualis B K Aanguloverd DF H

e ki -,

¢ 23.3. xquals BK};,"pei'q spundaA, B, Chducantur

b prep,
17 3.
il Araplusnaren a0 0
ol R LA e e ny
LS o, B , !N"F"‘.)J’l e -
4 , v M— EEREAP mot. oy . Lo na e
;--?\, St G an e Gv (r .3

s == ¢ Edghedy circalom LA M MBN; NCL.Etquid
L.t EMyMN,NL vt‘a'ninnc ciceulumn i A; B,sCy &%
etacro K id pun8a A, Bi:Cdu@afunr K- A, KB}

K C: cxefti iglout extindangull 3d Ay B, C pus&F:

:‘:’f Bx.quivgpadrilateri AMBK quatidranguli ¢quas

* 55 . leBTuBr QuitnarYedtis; M ik ditar.enitn quadritds
selisge umAAMK’B,mdunniupgulallQAMmJBM',qéb‘-
tur 3 POOEANEU K AN KB M Wi fidi; acliqof Erpo
&e 1i AKB, AM B duobus reQis zquales erant::d Suire
nea K~ Verd & DIE G, D EF duobusre@is zduales : ergo
. 'AK B, AM Bapghh#tqusles fm}t dﬂgulxz DEG,
DEER.quoram AKB.DEG equales com Gnproriart
‘: ;",' g rcl'ii:u“A M B,Dil?lgqxquale,s,, Parimodo de-~
monftegbitur angutum ENM ahgulo D'F E 2qua-
Jem efle: reliquus ergo MLN reliquo E D F zqua-
Kis:eriz: gqiangulum érfoelt triangulim L M
widngulo DEF, &;deﬁ:‘rjpmu efcirca ci’rc;lucm
AT - ABC.

&

— -

et i

— . A
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ABC. Ergo circa datm cu‘culum, &c. Quod
oportuit faceye., -

v -
.r'!" 4

) ‘Fropof tio 4 ‘Probl. 4
oA tdrotmhgut‘omc ubim h{efmbfre. 4

""" LR S L g

S I dmmnaMmMC ,.dn quo Opartaat
sireylum defcribetg ¢ dbifecentuy anguli ‘A a prep.

BC,BCAredis BD, C D, qux in D pun&o con- 9. 1.

currant , bducanfurqueex D adre@as AB, BC, bprep.

€ Apzrpend:culams DE, DF, DGJ-:Q via an h 13. 1.

ABD,QKD zquzlc: funt (eft emtn gﬂ

N nguh h Dre—
A / s ha efmntdunth%ngula
A - EB b, -ding8 aggulos

duobusd] u’TT*&ffqm la~
tis vni la:,egn zqu’]c nempe
. .o.eommune BD, ¢ habebunt
; f; zergo. R rchqua Iftera reli- Gprop.
- A \ - iquisaaqualy; vade DE,DF 6. 1.
-“?' o R (;; - axquales erunt; Imdcm ob
T30 T caufam DG, DF- zqualcs
erunt. Cmnh:s:;g(kmmD,nptemﬂo vnopii-
@orum E, B, G deforipaas, tranfibit etiam per alia
pun@azangdtquerefl{s AB, BC, Cn-quot angu-
i adﬁ, B, G re&ifincuBietiim lpfzs fecaret cade-
ret!, qua abextremitate dixmeért 2d angnlosx&- n
&os ducitarinrs citculum ;.dquod eft ablurdum. .
Non ergo circulus cenero D. interuallo vna hai d prep.
rum DE,DF,DG defcripsus fecatre@as A B, BC; 16. 3.
C A;ergo vastanges 3 oftqie circulus i tnzngtdo
ABC dofcriptus.In daeo ergo n:angu}o,ﬁaer_oé
opornmﬁcen,x LS - -

UL

N ST T H 3 Pxo;/
. : . -
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L )

» Propofitio s. Probl. §. '
Circa datum tl(ianxxlym_dnnlumdcl'uibcrc.
. Estof.damm triangulum A B C, eirca quod
, oporteat circulum “def¢tibere . bifecentur
AB; A C 1n D & Epsidcid pmitis D, E dacanue
o Zd AB; A Cad angulos fq?o?‘l)‘ F, EFyquz con-

R S RS S

¢ i I
, NER .
P dorm
a IR
- :c':’!'ﬂ‘( /
T A R . e i
EPTRY . - .turnensaut in*tfiangylo A B
Y - vﬁ;-quinrc&aAC,,ﬁqgﬁtra
4 @ eriangulum, €orfeutranv pri- -

A\ - dintra triangulufy in ¥ du-
I¥ cadurq; BF,FC, FA. Et
. quia-A Dy-DB aiquales funt
--.comamunis & ad 2ngulos re.
, " &os DF, aerunt & bafes AF,
oo ooree o, EB.#Quales Similiter demd-
a prop Beabimus. CFyAB equilesefie: quare & FB,FC
4. 1. zqualeserunt. Tresergo FA,FB,;FC zquales
- funt. Gircilusergo Ebnyra Fintervallo vna ipfa=
sim FAFB, FC defcriptus eranfibit & per reliqua
punétz o eritqiie circulus civoa:AB € sriangulum
deferipwus. . Gonenrrant:iam D F, E-Finteda B C

in F,vtin fecunda defcriptione , ivpgatirque A ¥s
$inailicer demonfirabimus panétum F centr?‘m ef-

- e K ’ ¢ Cifm

. ' o,
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fecirenli circaariangnlunvA:B C deferipti . Cons
currant demumn D F,E'Frextra ctiangulum A BC
in B ,vttertia habet: deferiptio , & iungantur AF,

FB, FC. Cumque A D; D B &quales int,commu-

fiis,;& ad angulos reRoyD F; s erunt &bafesA F, ¢ Prope
BF zquales. Similiter demosifirabimys & C Eipfl 4 1o
F A xqualemeflecquart & BF zqualiserit FC,
Rurfus ergocieculus centro F: interualloviia hae -

sum FA,FB, FC ,defcriptus ttanfibit etiamper re= .5 : -
liqua pun&a,eftque circd ABC triangulunvdéefcria

ptus. Quod facereoportuici=’ 1 Lt

I f"bu&im. ‘. . e

Vnde perlpicuum eft ,quando centrum circuli
4n tmangulum cadic ,7angulim B A C in maiore
portione femicircula exiftentem re&o minorem
cfle. quando verd centrum in B C cadit, in femi»
circulo exiftehtent, reum : quando demique-cen~
stufh, extea BC xadit, inmindre portione fericit-
culp exiftentemr, inziorem.re&o . Vnde quando
datus angulus’ ntinér eftre@o, intra trlangulein
cadunt ro&x DF,EF;quando re@us;in BC;quan-
domaior reflo; eitra, B O; quod opartuitde-
mopfteare ., 5 o oon O oL e
R B P - ) .
s -'PI'OPOL'6~ Pl‘Ob]. 6‘, '—j:“e':‘j .

3 oy gt A - . o

Indato'citcalo quadvatum deferibere .-

 Itin daro ginculo .A.B.C D quadratunrdeferis
¥’ bendum.a ducantur diametri AC, BD adan~ a prop.
gulos re@os , iunganwrque AB,BC,CD,DA. 1.1,
Cunrcrgo B E; ED fint xquales, quippeex centro bprep, .
X; comamnis. & adangulos reGos: EA s berit& 414
ol H 4 baﬁ,j -

.



2%0 LIBER“IV;

pahis. A Bpafi A D 2qnalis. Bademeatione. veras |

gné1pfamm BC,CD, viri; AB,'AD eft ®qualis
- A . - EftcugoquadrilaterumA B G

; . - D zquilsterum. Dico quod &
. zqhiangwlum . Cumrea BD
i dismetris fic circuli ABCD 3
. w.erit B A D femicirculus ; ve+

cprep. P/ Qus.cf. ergo.angulus B A Dy

31 3. -~ ~&a . .1 Ob eandem caufam qui liber

angulorum ABG, BCD), CDA seftus eft ; re@ans

. gulum ergo it quadrilaterus ABCD. Oftenfum

eft autem & zquilaterum; d quadratum e1go eft; &

d def. ot circulo inferiptum . Indato ergo cireulo , &c.
37+ 1. Quod opeortuit facere. o

..t Propof. 7.  Probt73 8 e

Circa datum circuliom quadratum deferibere;

! 'Itrifcn'daium citculum AB.C b'quadriﬁm'

Y. defcribendum, Ducantur. diamderi AC,B R}
S . :ad .angulos refos , & per

& A T pun@a A, B, C,Dducanms
Y ¥ - tangentes cirtulum: F. Gy
GH,HK.KF. Cumergd

B

h centro B ad ta&um A du&a

itEA ; aeruntanguliad A
’]1 & K re&i,Eadem de caufas erunc
aprep. - & anguliad' B, C, D redi,

18.3. cumiqtie anguli AEB,E B G.redi fimit, 6 etunt G H, |

bprep. pC paralielz . Eadem de canfaerunt A Cj FK
"‘ T+ parallélx s Similiter demonftrabimys , quod G'Fy

_ © + HK fineipfi BED patallelx: Suntergo G K, & C;
cprop. AK,FB, BK parallelogrammias vade zqualiscfk
34.7. N GF iphi

i

i o |
—~E~—4 D FG tangat circulum 4 & & °

gy

e TR T

RSP W)
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GFipi HK;&GH iphiF K.d&quia AC,BD d def,
zquales funt. Atque A © virique GH,FK; & BD' 15.1.
wrique G F, HK eft 2qualis ; ergovtraque G H,; -
EK,verigue GF,HK eft qualis.Bit igicur FGHK«
quadrilaterum. 2quilaterum; dico quod & redtan.. . )

[um. Cum enim GBEA fit parallelogsammum,. . |
E:q; angulus AEB reltus,e eriz & AGB rettus. $j-.e prop.
miljter demonfirabimus quoc{ anguliad B3 K Fr 34050
retifint j eftergo. FG H K re@angulum quadri-
laterum,oftenfum eft autem, & zquilaterumsf/ qua_. £ def,
dratum ergo eft,& eft circa AB C D circulum de- 17.1,
fcriptam: ergo cireadatum , &o. Qgod oportuit '
facere. - : : ¥

NI Y :PfDPO{:—s. Probl.8. )
~ Indatoquadrato circulum deferibere.
St in dato quadrago ABCD ciyqinstﬂcfcti-
bendus. « Bifecentur AB,AD foF,E;bacper 2779
N = =y - E quidem fucatpy alterderi 10-1.

s B -~ P

A E D xp, C puillels i Hiper'b prop.
. / \ " F verd alteriegi ADJBC - L'
=y SR P parallela FESyntefpo AK, .
F——14X KB,AH,HD,AGGC,}G,

G D parallelogramma , ¢ c

: . ideoque latera-oppofita z-F"F"

B H & ’.qual?a.thuiaAPDP;ABz- 4.5
A .- = quales funt,erunt & femiffes

canim A E, A Fquales: dquare &-oppofita illis d preps

FG,GE zquales erunt. Similiter demonfirabimus 34+ T+

viramq; GH, GK vtrique F G, G K 2quzlem effe..

Suncigitur quatuor GE, G F, G H, GK zquales,

Cireulus igitur centre G, interuallo vna harum

GE,G F,G H,GK defcriptus,isanfibic & p{‘r re-

e .l ' ) ' . qu‘
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-

- liqua pun&a: fed & tangitre®as.AB,BIC, C b,

DA,quod anguli ad E,F, H, K redifint.. ‘Si eninv
. cireulusipfas A B, BC, C D, DAfecaret,caderee
que’ab- exsremitate diametri ad angulos re@oy

. ducitut , in -circulum , ¢ quodeft abfutdum ; Non-
. ergocircalus centro G ; &interuallo ¢naharumi*
.~ +GE,GF,GH,GK deferiptus fecitré@as A B, BC,' -

.. CD;DA: tangitergo: & eR quadrate ABCD

infgriptus . In date ergo quadraro,&c,Quod opos’

s

. - Propol. 9. Probl.g. - T .
Circa datum quadratum circulum defevibere,

S It circa datum quadratum ABC D circulus
) delcribendus: du@z re&g AC, BD feinE fe-
AT cent. ktquiaD A,A B =-

g qualesfunt , A C commuy~

‘ nis jeruntduz DA,AC,

D ‘duabus BA, A C.xqualess

- quales funv: b erunt erge

- &anguli DAC, BAC
o € - . . =zquales » angulus crge
DAB re@a AC bifecatur . Sumiliter demonfirabi-

n

- mus qiembber horum ABC,BCD, CD Are&is
" AC;DB.bifecar:. Evcumyunguli DAB,ABC

€ax,.7,

wquales fint; intque EAB, B B A corum dimidij,
v crime & ipfieequales: quare & latera. EA,EB-
lia erune . Simil iter démonftrabimus vtram-
re@arum E C, E D, vitique EA,; EB 2qualens
effe . Quatnor ergo EAL,EB,EC ,ED zquales
funt . Tgitur circulus centro B; inceruallo vna ha--
rim E A, BB defcriptus ; tranfibse & per reliqua.
: S . punita,

.fed & bafes D.C, BCaxe

.

PO
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pundta’, étigitur circa A B'C.D- quadratum des .2
feripmina - Efgo circadatuni; &e: %‘odopomﬁ C e
facere, S »

- '_lv;ropdﬁti'o 1'6‘. Propl. 16, N
rinigulum. ifofcele conffitucre s baben}

" wtrimque qui ad bafimdngul !
s duplumreliqyi, / T S
T R A o

1 “
Ae =

- Y-Xponatiit reffa quz- 3prop.
- dam A¥,aqéeinC 11:2.
- ficfecetur,vt AB, BCton=
"\ tentum: 2quale fit quadvato
Y «xC Ampto'lgitar'»cén,
tré Ajinteruallo A B defeide
b batuf girculus B DE, b’eie}; b prep.
- *aptewuy’ re@a B D aqualis 1.4.
. -ipfi ACy& du&tis DA, BC;
~ cdefcribasue circatriangus CPYP
lum ACD circulus A € D,Et tumi qusd AB,BC S
tominctur 2quale fit ei, qued ex A C quadrato;
. firque A’ C iph B D 2qualis; eric & quod AB,BC
¢€ontinetur zquale ei,quod ex B D Chin igitur ex
tra circulum A C D azéeptunific punGum B, ab
¢od; adcirculim A C Dcadancsuz re@t2 BCA;
BD, quarum vna citculum fecae, akees ei incidity”
ficque quod A B, BC continetur aqualéeiquod ,
e BD, dtanget BDrcirculum A CD; cimque "P"’P’
BD arculum A C D tangat, i ta@uavtes D due 3% 35
&4 fit D C, eeris anguhis B D Cangulo D A Cin 8pref:
alterna tirculi portioge confiftenti zqualisi Cum 333
Ergo dnguli BDC, D A C fint 2quales,fi comnmius
Ris CDA addatur, erit tosus BDA duobus (131 DA .2: :
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£ prop. DAC 2qualis; f{edduobusC D A, D'A Czqua-
$3.1. liseftexternus BCD: ergo BD A a2qualis- erit
A ipi BCD: fedipi BD A

zqualis eRCBD, cum & g
"x - latera AD,AB figt aqualia:
.\ qu@gc)& DBA, BCD zqua~
les’eriit:tres ergo BDA,BB
] A,B'T D funtequales:& cit
<‘angali DBC, BCD 2quales

> fint,erunc & latera Bl{?,DC
o, a e oo daliasred BY ipfi CA
e B b - pgﬁitur zqualeg{ung\etgo

e l C s L AGCRC Dzqualid: vidg &
angnl) C D A, D A C:zquales grunt : eggo anghli
| u;!%t t%

CDA: DA C duplifanvanguliD A €24 ve
BGDrayualis duobus € DA, DAC; ti@o BC

100 < duplus et ipus D. A € :.Et cui veerque'B\D &,
.s.+ JOBAanguio B C.Dfit gqualis, Mu;,q_‘xtjrlﬁei'q;
reliquo .D A B. Triangulum ergoifcleetes, &c.

<3t Qued oporuitfacere. s 9y
ot A Propofi e, Probliva.l ot
Dato cirtulo pemtagonkim wquilaterum, &
e ¢qui¢!;':ulumiﬂ€'ib¢',¢-. RREENEIFREN
, S Itindato circitlo AB-C DE péntagoninm %
D - quilaterum &. zquiangulum deferibendam <
Exponatar ‘triangalum ifefeeles duplum habens.
vtrimq; angulun ad Gy H, éius quieft 2d.F; & &
3PP inferibatur circulo AB C DEirianguhim ACD-
3% gquiangulum trangulo FG'H ; ita vt angulo K<
7 aqualis fic angulus C'AD ;:angulis G, H-an~:
e puli. ACD, CDA .~Ec quia vterque A C Dy:
bprop, CDA dupluseft anguli C A D, & bifeceritur reiis:
9.1, CE,DBsiunganturque AB,BC,CD,DE, gk.?
. s um

e —————————— e —
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Qunt itaque vierqueangiloumACD;, CHw
dupus ficapguli CA Dybife®iqye fintre&tis CE,;
O AL R . ~DB, erunt

" ‘ter fe: ¢ Bt

P

> xquialib. pe-

;}p;he_fi Fiﬁfiﬁﬂ\t, ertint quinque peripherie AB, .. .

BO.CDyDE, EA equales: fed 2quaies peri P*’é,f'

tias Eynatesre@g fubvendimtpfuntérgo he qui d ” °??
quie te@a AB,BC, CB,DE; EA 2qualerseftergo. '93_

peiitegotivar’A B C D Evquilaterum, Dico quadt
& eqmangalum . Qua A By D-E peripherie 2.
quiles furit, fi-communis/B.C D addatur, erunt to=
ta:ABC D 7E D-C-B #quales; &-infiflic peripherig

AB@D angulus A ED;peripheriz veroBCDE

i

> : cpr
e cum. zequa- 2

<D les - anguli 163.

1

.

-

N

-angalusB AE e funtergo AED, B AE angili =+ eprop.
- qixles i Eadern'dé caufa ; quilibetangulorum A'B a9:3s
3

.C, BOD{ CDE vtriqu¢ AED, BA E zqualis erit? -
efbérgd pepragonum ABCDE zquiangulum ; de~
montttdcuinautem eft,quod & qnilaterum . Da-

-toege citculo,&c.Qiiod eporudic facere. -+ v "
e el 2 ha B R O

-¢f ‘Prepofe12. Rrobl.1z. | '«

Circadatum civculum peitagonym equila-

RIS

/R

- Porreatcirea viréulumA BCDE pentage- +

NS’ mued equilaterusm’ & Zquiangulum deferi-
. : bere.
)
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11 EIBER I V. .
: here. Cogit enturangulorum pentagani: inferipti
punda, A, B, G, i), K gealyt peripherig, AB,BC,
e G ¢ CD,DE,EAzquales

' - -- 4ABC,DEreét¢GH,
oy, M. BKKL,LM,MGtan
| . 47 genes eirculym, & ace
cipiatur centrum \cire
-euli F, iunganturque

IR L X" ¥ B,FK,FC, FL,FD.

o 'z‘f:! o .';k T C 1iLe77 Com itaqueK L reQa

ciréulum in C tangar,

&abF xd ‘c.énu&umC_, dua fic E C, berit (pfa

' ‘::’:’ i ad. K L.perpendicnlaris : vtesque-erga angulus ad
ap. Ceiiyedus, Eandemob cenlam red@i fung anguli ’

:;:f, ad B,D); & cum angulus ECK reQus Gryc ¢rit quod
" exFK zqualeillis,, queex F C, C K- quadratis-
eadem de cauta,erung que ex FB, BK mqualia.illiy

quod ex F K : fimtergoique ex F.C, CK xqualia

x quia Hs,que ex B.F,B K ; quogum quod ex BG gqua~

FByF¢ le *eft ci,quod ex.¥B; erst igitur & religuum guod
fumas cx CK gqualgreliqua y quadex BK ¢ funs exgo
- quates, BK , C K 2quales. Bt qx:': F B, FCxquales funs,

gwppe communis F K,eontdug B F , F-K diol@eC Fa,

excen- FK mquales, & bals B Xhal X zqualis; ders
sroad go &angulus B E K gqualis Ctit.aﬂmzxﬁci,&_
periphe angulus B K F , angulo, $X.C 1 eft erge. angulys
viam, BED duplus anguli XF C; & B X C duplus an-
dprép. guli FK C. Ob.¢indem caufamerit & C F D du-,

8.1, plusipfivs CFL: & €k D duplus jpfius 'C LiF.
€ prop Cumgq; peripheriz B G, CD 2quales fincs.crung

£7-3. &anguli BFC, CFD ®qhales, eltque B § Cipfius

fprop KE.C duplus, DFC, verd duplus ipfius L 5 Crz-t

6. I quales ergofuns KECLCEL. f duo crgosniangufa

v Ldy

Z fint, aducanturque per”
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FX C, FL.C duosangulos duobys ;habentia 2~
quales alatrum aleexi, & latus vauovvm latesi FC
ytrique cammane 3 habebunt & reliqua latdeare-
liquis -agquabiay angelumqde xeliquum. reliquo.
Stnc gitur am retie KC, GLy quam;anguli
FKC, FLC equales, cumque X Czqualis fic
L L, dupla;eric K L 1pfius K €. Kadem de caufa
dem nitrabuenr H K dupla 1phus BK.; & cum de-
monitratum 65 B X: 2qualis K.C, fitq; KL dupla "y
ipfius KC, & H K. duplapbus BK ; geric kK HK &
3p6i K L zqualis . Simv)iter demonftrabitur quaeli-
betiplarum:GH\GM ,MLvttiq; H X, K L ¢qua~
lis: eft ergo pentagonum GHK £ M zquilate- .
sum, Pico quod & 2quianguum . Cuntenim an-~
li FK €, F LG zquales Tint, sftemfusdue fir
KL . duplus iwfus F K-C: % ipfius FL C duplus
KLM; erit: & H X L.ip6 KL M zqualis, Simili=
ter demonfir bitur quilibet iplord KHG, HGM,
GM Lovtrique H KL 3K LM zqualis . Quingue
ergoangnli GH K, HXCL, KLM ;EMGMGH -
{unsaequaless aquiangulum ergoelt pentagonuy. ¢ - 1

g

Outenf:mauten eft & gquilaterum 4 & eft defcrj~
pmcirca citcylum' ABCDE. Quod opoise-
Batfacerew .« o ook L L L n
" ‘Propol. ¥3. Preblaz. 7 M . -
Dato pentagono aguilasexo , & equisngule : -
S circhla:m infersbere,..i. i
. A b [ R e
O Porteat datp\l;c';wgo,no_:"quihuro_ &%
quiangulo A BC D E circulum inferibege.
abifecetiir vterq; anguloram B C.D, C D K re@is .
CF, DF, & 4 pun&o F,in quo CF, D F, concur- 2 /P
runt,ducantar re&¢ FB; FA, Fi. & quia BC, CD 9 1.
S -xquales

..



13 LIBER IV
gquales fint ; communis CF, eruntdua B C,CE
bprep duabus D C, C F zquales; & angulus BCF angu-
Pt 1o DCF zqualis:bergo & bahis BF, baiDF -
*  qualis erit& n-izn%u‘lum BF Ciuriangulo D CF,
#tliquiq; anguli reliquis,, quibus’ 2qualia latera
SR S fubtenduatir , xqua-
: les erant. Suntigitor
M ~anguli C'BF, CDF
- <2quales . Etcum an.
- -gules CD B duplus
. ﬁt-anguli CDE; 2
. L quales autem & CD
: : " E,ABC; & CDF,
;-;L- VS GL AL '-z'BlF;e;ié& CBA
R “oyy o -duplis ipfius CBF;
SRR kK b "7 fequales l:n'go funt A
13?,; FBG: bifecatiir ergd’ angulus ABC reQa BF.
Stmilicer - demonfirasur | quembber angaulorum
 “BAE,AED refis F A, FE bifecati, v Ducantur
€7 enimi'asbF4d A B, B C;, CD; DE/EA re@a pers
83- L -pendicilatés FG,F H, FK, FE,FM.Quizerge
anguli H G F, K C F zquales funt, R H.€ reQus;
“2ttealis reéto F K €5 erunbdid triengula FHC;

Fh.. o,

FX C duos angulos duobus zquales: habeatis

: vnumque latus voi, FC latus commune , & vni
dprop, Zqualium angulorum fubtenfium , d habebunt er~

6.1 80 & reliqua laters religuif zqualia sfuntergo

perpendiculares FH, F.X xquales.-pari medo de~
monftratur quelibes harum F L, F M, F G vtriq;
“FH, FK ¥quitis, quing; trgored= FG, FH, FK;
“FL; F M ¢qualés funt, circhflid ergo centro F; ine
. teruzHo vnd harum FG,FH, FK, FL;FM defcrie
pus ; tranliBic & per reliqun pun@a , 1angerd; res
&as AB,BC,CD, DE; KAy eo:quod anguli a.ri-{ G;
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H.K,L M reétifine . Quodfi ilas non tangat,fed
feeatjeadec quaiab ceremisate diamvetriad angu~

los re&os duritar inrra. cisculum , e quod-abfur.© f"" op.
dum effe oftenfum eft;non ergo cireulus centro F, !

interuallo F G,F H;FK,F L,F M defctiptus fecat

tetas AB,BC,CD,DE,E A;crgotanget.daro
ergo pentagono. quod oportuit facere.

‘ | Propof. 14: Probl.xl{.
Circy d¢§urgf;piht&onnm equilaterum , &
.. aguiangulpm,circuinm defonbere,

1S S | B
I ¥

- A s Q Porteat circa 'da-
£ L LA tum pentagonim
—y ¢ 2Quilaterum & xquiane
gulym-ABC D E dir-

rum QD, CDE re-
: &is CF; FD;& ab.F
‘ 1 2is punéto in quio re€tg ¢d-
oeen o e Scurrant adBIASEMneaf
turre&t2 F B,F A,B:E.:Similiter ergoyveinpras
eédente , demonfhrabitur. queniliber anptilérum:
CBA,BAEAEDre€isBF,FA, ¥ Ebifécark>
El Yyia angul B €D, C D E xquilesfilne,ef; F.

€D dimdisipfios B G Dy:& CD Fdimidsips

fus:C D E; erunv F.C D, FD C &qual €, b quare ;.

monftiabitur, quambbet ipfori F B,FA,F Evtriv
Libet! F C,6.D 2qualem efle. /Qpinque exgo F A
F:B{F C,FD,BE 2quales funt: &rculus igitur cen
& Fyinteruallo whahaum F&A-,'B&I%;B C,F D,:g B
sy C~

culim deferibere . « Bi- 2 #70P.
fecetyr vierq; angylo- 9- T+

o

&latera F-€, F D xqualia, orunt. Simtilicarde- bsf.’"P
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defcriptus , teanhibic & perteliqiia. pands ; eriedi
circa pentagomiimy A B/C D E, deforiptus . C.u'u
damm ergeySic, -Quodfacere opomﬂat “

- }’topdf.«l;’: P:!OJBL 15 RIRERE
M ‘dm civenlo hexagonwit éqﬂn‘amma‘

&qmangulumdeﬁ%bcre. I
S P b

U It,m‘dato cu-cu.lq
3 o S BC DEF he-

B oan‘m gquilaterum

& aquiangulum deferi

™, bendum . Du&a dia-

. metro A D, fumatur

4L centy m’q,at qe cen-
£5 mt&ua i

- rR R gecnba.thrc:_;ca‘l)
S I 10 G H; & dude
NG gL p\Zluta‘ntdr,ad
4l BSEYTL B Egggantur A B,
- l))l\ AN .

th.ozAlBC DEF h:ugonum zqulhtcrnm T &

zquigugulumefle . Cuntenind & centrom G5 ¢ins

rABG DB & erpouGdsGD kquales. B

cim B oekrem fic cirablin DO, eune DIy

D G aqualds.: Sed GB 6 fenfrofl siqualis iph I

2.ax.1, Oyxeneargo&X G ‘Exeqiibisiph B Ditriapgidum

o520 & G D eqpititethih g , /8 s

“G,D;G DE,D EG aquiles; cutd ifa (Oelivn arag

> gulocwl avguli ad bafim dquales fins« Bt quia

&s anguli trianggh dudbus tediis, enuales; fuat

b prop. i:rmangtdnsﬁﬁ D rtectibsppes disorti reQotig

321 Simifiter lexmdﬂtmu G kY séttia- parﬂeﬁo

Rer <

s e -

[N e S




L,I'B B R (I'V. t3t
duorum re&orum,& cum re&a C G {uper E Bcon
fitens c anguloddeinceps ;E:G C5:C G B duobus
retis zquales faciat; erit & reliquus C G B tertia

pars duorum re@orum, fum.f?itu;‘a\ngqli EGD,
1D G C, C G B inyicet xquales’ d
qui ad verticerd BG A, AGSF,'F G E arquales , e
&quales autem anguli zqualibus peripherijs infi-
Auncsperigherigergo AB,BC,CD,DE,EF,FA
funt zqualed fFqualibus autem prripheris equa.
Jes redea lidex fibtenduntue? Tex igiur re&tx -
_4uales funt; ideque hexfgonym ABCDE F 2-
quilaterum eft. Dico quod & zqdiangiliny.
Curu enim peripheriz ‘A F,'E D 2quiles fidc
cemmugis A B.C D,ad wir, €runt tot2 ¥ A'BC
PD,ED C B A zquales® gSed peripherig FAB €
D infifticangulus F X'D;-periphert : C

B Ajangulis A FE; funt! moull.:‘.\,Pés"D’E. 4
iquales . Smmilicer demonh: téHquos he.

. -xagoni:AB CDE angulos,vtri’?l; AFE,FYED

#aqualesefte . Eftergo hexagonum ABCDEF
2qu:angulom:oftenium eft apteny S gnuilatérim;
& eltincircule defcriptuin: : Inidate ergo-circu-

lo,&c. Quod oportebat faceres = .- o A
S S AR A TR PSRN A SR
e :-1‘/_--=m€orolldrtﬁm Fint

q

&a A,B,C,D,E, F hrangemescirculum recta du-
cantur, cirea circulum hexagonum 2quilaterum,
& xquiangulum deferiprum effe, vt 1n illis qua de
pentagono di&a funt.vadete licer. Preeterea juxta
illa que de pentagono dudadikwst dato hexago-
no circulum defer:bemus . '

R R G Pro.

; :

c prop.

£3.1.

’f-" erunt igtur & dpop.

12. I.
e prop.
26. 3.
f prop.
:9. 3.

gdef.
9:-3.

.

- . TP R B S TR NI SO S0 e
EX his manifeflum eft latiwhexagoni equale - .- :
efle iy qur ex gentroxyrculi B fi per pun-

hprops
17. 3.
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.

o ".'_'P'rqp”of.hxs_'. fPrdl.)'}--.'us.;

' in?ial'o cinulq-qu‘iﬁdiecagonwr} wquilaterum
L e equiengulum deffribere. |

. O Porteat "in
. dato cireu,
lo ABCD quin-
- decagonum xqui~
lacerum , & zqui-
-angulum . deferi-
- bere. Defcriba-
tur incirculoc A'B
CD,traanguli -
quilateri Jatus A
C;pentagoni¢ani
. lateti AB: :Quaz
. o itm. Xrgo . totus
eirculus partinoveft quindecim , taliunl cf AB C
peripheria, tertia-circuli pars ex'iﬁ;ns >quingue 3
A B, quinta pars circuli exiftens, trium; parsergo
B C,duarum;quze fi inE = bifecc.:ur, eric qualibet
petipheriarum B E, E C decimaquinta pars
aprop. *  circuli. Siergo duttisre@is BE,E €,

30.3. + - eis zquales in continuum errculo T ¥
bprop, .- - reftas baptemus; erit quin- . - .
23, 7. L decagomwm xquilate- .. L 7.
S ' Tum,& quiangn-: - o o
. lum deferi- - - o
e,

sl ptoen, G
ot facepe opogtuit. . - . . .
* ’ T APERERS

s s I ‘ EVCLI-
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ELEMENTVM
(LVI NTVM.
o :beﬁ:iitiou;::. ‘ A

AR5 eftmagnitnde magnitudinis ,
minor maidris , quando minor me.
titur maiorem. 7y 2. ¢ff parsiphus
6.0_ non ipfius 7.quia 2. mesisur 6. non

) mesituy 7. - -

2 Multiplex eft maiot minotis, q1ando minor
Metitur maiorem , Pr6. eff multiplex ipfiusz - as7.
ipfius 2, mulsiplex pon eff. Quin 3. metitur 6. non
tem 7

3. Proportio eft duarum magnitudinum ejuf-
dem generis muma quxdam fecandum guantita-
tem , habitudo . Proporsie ergo €/ smser ves vinfdems
generis s inger numerss , lineas s fuperficies 5 corpes
re, &c. ' .

- 4 Proportionem inter fe habere dicuntur ma-
gnitudines , qua multiplicatz poflunt fe inuicem
fuperarc . ¥ nde liquat inter angwlum consingentie, &
raitilineum quemcumque proporsiontm non effe. Quia
bices prior in infinitwns mulsiplicetw o munguam samen
fuperabis pofleriorem .

s Incadem proportione dicuntur efic magni-
tudines,prima ad fecundam,& tertia-ad quartam,
quando zqué multiplices , primae & tertiz , 2qué
multiplices;fecundz, & quart, fecundum quam-
. D S uis
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uis multiplicagionem,vtraq; ab vtraque,vel equd
deficiunt,vel equé gquales fung,vel gqué fuperant,
fi ordine fumantur . #¢ f hornm quassor numerornm
8.6. 4.8 primi Y& terey accipiamir equé mulsiplices

16.0 8 fecundi, & quarsi 18.&r 9 & collocentur eo.

srdine, qur numseri, quarwus funs mulsiplices , hoc mimi.
v3ms 16.18 8-9. fi idm prineus minor it [ecundn, eris d»
sersins guarso miner; & fi maiorymaior,fi egualis,xqna
lisy fisnquam hoc femper contingas dicensur quaswor
magnisudines in eadem eff> propsrsione.

6 Magnitdines qux eandem proportionem
habent,proportionales vocantur . #% 4 € 2.item
6 & 3. cum habean: eandern proporsionem ; nempe du,
plamydicuntur proporsionales.

7 Quando xqué multiplicium multiplex pris
pe fuperat muleiplicem fecundg; at multiplex ter
‘tig non fuperat multiplicem quart® ; primaad fe-
cundam dicitur, babere, maiorem proportionem

quam tertiz ad quartam. SN
. 8 Analogi eft proportionum fimilitude .
. 9 Analogia in tribus minimis terminis confi,
"Rit. Fzinhis aumeris 4.6.9. Vs enim 53 primus'ad fes
cundum,isafecundus ad sertinm. S

10 Cum fuerint tres magnitudines proportio
nales , prima ad certiam duplicat proportionem
habere dicitur eius,quam habet ad fecundam . #¢
cwm fuerini propoxsionales hitres mumeri 2 4.8 erst pro:
porsioquam bahet 1. ad 8, duplicasa eius 5 quam ha-
bes ad 4 T [P : B

wr Cum fuerint quatuor magnitudines propor
tionales prima ad quartam tripli proportionem
habere dicitur eius, quam habet ad feaundam. Be
deinceps femper vaa amplius quoad vique propor
tio extterit. s f fins proporsionales bi quasuer mi-

wers

e . A
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moi 3.4.8.15 avispropersiaguainbabts &, ad 16, trhe
pimeises gquam habesddgo-: oo O o
.-,34 Homologe jfenhimilis rationis. magninus
-dines dicuntiiy efle, apsecodentes antecedentibusy
soplequentes eonfequehsibus., - oo :
%, «rg.. Permutata‘ratio , et fumptio, antecederipig
ad aotecedenteiny: & conrfequentis ad conleguicne
tem. Demonfrasiir prop, 16. in qud cumeafl Us A Gldy
itaiCadDseft quogs peromiando, vt At «d G; itk Bad D,

- rag Copyerfaratioy eft fumptia -confequéntis -
veanrecedentisadantecedentem,ve ad céfe quen.
-tml‘vu”id&m-,fmpiq-:u R T ERV N
- x5 Compofrio tarionis eft fumptia antecew
degtis.yna cum canfequénte,ve vina,ad confequen
2omy.. Rewcsslivaimp propstish quecnmeft ved Buad
EIxi1a CF 44 F Ds.eff quiqtie vt A4 B ad F.D3icaC D
‘dF"D“"‘ . x“\';':‘ R v ST ¥

16 Diuifio rationixeffunaptio.exceffus , quo
antecedens fuperat confequentem,ad confequen~
tem : DemonGhasutgiop’ 1Y ifiihacdm off 5 vi A B
adBE;itaCDadD E,eﬁigo?u vs AL ad £ Bsisa

R U

y o foor,

)

-

CRAED: ¢ v .
~«xpi'Conuerfioratidniseft fumptio. anteceden.
tisad-excellumyquo antecedens Gonfequenteiy fu.
perat. Demnfirassr prop.g. in gua cwm o A8
ad€D,ita A Ead C'F efis quoque EB ad FD; vt off
ABad€ED, R S

18 Ex ®qualiratio eft cum plures fucrint ma-
guitudines, & alixsphs- mmero axquales qud b
nz ;& in cadem ractone fubnainur 5 fuericqy viia
prifiis maghrnidinibus primx advimam yitam
fecundis primwad vitimantl. Vel eft fompurorexs
tremagum pér fubtraGronedr wiediarim s {Udmars

Branraz. imquacumn Wiy & M&,mll Dradibicrm
N

4 I}ad

i



138 LIBER:V,
B 2d Cyita E ad Fierisex aiqpaliyor A ad Crita D ad ¥,
19" Ordinata proportioeft , cum fuerit vtan.
tecedens ad eonfequentem,ita antecedens ad con
feqientem § veautem confequens adaliam quams
piam,ita confequens ad aliamguampiam . Inpre,
poforo. &ra3.in Zn’w’: magnitudinibus ansecedgns ofs
oA yconfequens Byelin gaepiam C,in fecwadis ansecedens
ef} Dyconfequens E, alia quepiom F, P
. 20 Perturbata propertio eft; quando. tribus
exiftentibus magaitudinibus; & alijs iphis Aumero
aqualibus fuerit vt in primis magnitudinibus an-
tecedens ad confequentem;ita in fecundis antece-
dens ad confequentem.. Vtautemy in primis.con-
fequens ad aliam quampiam: isa in feeundis alia
Jquzpiamad antecedentem. Prinar. dr23.prop
$9 primis svipws magnitudinibus enteeedens eff A confee
qoens B,'alia quapiem C. In fecundis ansicedens ¢t E,y
confequens £, alia guapiamD : :
- Propof.1.Theor. 1. -
Si fucrint quotcunq; maguitudines quotcung;
. maguitudinum; equalinm vumero, fingu-
Le fingularum equé multiplices,quotuplex
e5t yua magnitudo wmins totuplices [uiss
omnes omninng. .
S Int quotcumq; magnitudines A B,C D,quote
cumque magnitudinum E,F 2qualinm nume.
roy-fingule fingularum 2que midtiplices. ‘Dico
quam multiplex eftA Biipfius B, tam mnlriplices
efle A B,C D fimulipfarum E,F fimul. Cum-enim
quam multiplez et A B ipGus E, tam mulciplg fic
SO D
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»GD jplins B; erume in C D tot magni.tudm&s -

- quales ipfi F; quot funtin A'B gquales i phE: Di-

B TN . sg.datu}x;g}}gll;nagmﬁ;
TiD s - +aimes A G, G B ®q

c ipﬁE;{EtCDinE;H,

. A el - -HDzquales ipfi F;drit~

oF 4 oF ¢ que multitudo ipfagum

. ~.A G,G Bxqualis muld-

H “ tudini ipfarum CH,H
. I : J - D: cumque A GipliE,&

N ~C H =zquale fit iph F;

e erunt A‘G,C H mqtales

B E'D K - ipfisE;F.Eadem decau-

BT . Ma erum G B;H D ipfis

E,F zquales: quotergo in A B funt magnitudines

zquales ipi E, tot funt in-A B; C D xquales iphis

E,F. Quareguam multiplex-eft A'B ipfius E,tam

.multiplices funt AB, C D ipfarum B, F. Si-ergo
fuerinu,s‘cc. Quod oportuic demonftrare.

Propol. 2, Theot.12,
Si primafecinde equé multiplex fueris » as«
quetertia quarte s fuerit antem & quinta
- fetunde aquémiltiplex,atq; fexta quar-
- B3 erit & cOmDOfita-ex  prima & quinta
- aquémubtiplex [ctunda s asque tertix &
- fextmsquarte s 0 < T |

X3 Sto prima A B feeundz C 2qué muleiplex,
- dvg; tertia D Equarte Fe fre verd & quinta
‘B G fecundz C 2qué multiplex’, atque fexta E H
quarrz F Dico & compofitaim ex prima & quin-
-, 1 ta
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42 A Gfecunda G, tqnb mul;gphcéhniq,uque
cﬁ tentia & fexu Dilgquagte F. Cyth enim. qunén

e o L Lo multiplex eft A Bipfius
A sprnatam mulgiplex fie DElp-
o N i )D . + fius F,erugl in D E tgt ma-~
b PRSP L gmtu‘dm xzquales Iph F,

Lo oo quot funtjin AB dquales
#iph C. chmque cai.

PR Jfa quobe funr in.B Giegha.
i > ilesipfi C,voterpntig E H
= ':zqua’les 1;%{ F: quotergo
e 4 I funt in tot:trA ?nqutales
:ipfi G, tokfunt’in to6a D

G C HF }Fi ‘equales ipi F. Quam

! ; .multiplexeft ergo AGip-

Tx'usC tammlllt:plcx:ﬁDHlpﬁus F. Brgo AG
cnmpoﬁ:tq.ex prima., & quinta fednada € Zqué
-multiplex ¢ft 5-arq; tertld & fexeta D H quarre F.
Siergo primmfecwndz , &c.. Quod oporm de-

monﬂrare
(]

. o JIOFQ(‘BSIhCOY.B- o g', K
St,gnma Iécwada: aqut fuerie multiplex,a atq.
sertia guatte Jumantgr, %remlqnd mul-
.. tiplices prime s ¢, tersia ; exjs ex pquali
., fsmptarum verag; weriefg; &qué multi-
plex > aliera qmdcm ftmm(c,, AeEa Rt
tem quaria.

e e COE R e "
E.Sto ppma A fcwmlz B zquémulqplcx,i
que:tertia, Gquarte D& acdipiantur ipflah

-rum A,C zqué muluplices E-F, G H. 'Dico zqué
multi-

- ——————
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mulsiplicem efle EF ipfius B, atque ft G H ipfius
D..Cum ¢nim gque muluiplex fit E Fipfius A, at-
' o . . queef GH ipfius C:

" f‘ o © " continebuntur :ln G

. . Hrot magnitudines

1 H ¢quales igﬁ C, quot
o ... -inEF ¢quales ipfj A.
- Dindatur EF in.ma
gnitudines EX, KF,

K:‘ t, o g‘uales ipiA; &G

inGL,L Hgqua
‘ S B, S les ipfi C. Eftan-
l« N R " temmultitudo ipfa-
] ' I 3 _l_ - ngnllEK,KFg?_u_alis
s - muleitudini iplarum
EAB(“:C D GL,L H, Et quia
I : ¢que - multiplex eft
A ipfius B,vt C ipfius Diefique E K ipiA; &GL
ipfi C gqualis,erit & E K ¢qué'multiplex ipfius B,
vtG LipfiugD. Badem de canfa ¢qué muleiplex
eft X Fipfiup B, vt L H ipfius D. (i.‘um igitur pri-
ma E K (ecundg B gqué multiplex it , vt tercia G
L quartg D;fit vero & quinta X F fecundg B gqué
multiplex,vteft fexea L H quartg D;« erit & com
pofita ex prima & quinta E F fecunde B ¢qué gnul
giplex , atque eft tertia cum fexsa G'H quartg D.
Siergo prima fecundx , &c. Quod oportuis; des
monftrare.. . : '

PN

* - Propol. 4. Theer.4:
Siprima ad [ccundans eandems babuerit pro-
. portignemss quams tevtia ad quartam ; ba-
bebunt & aquemnliiplices prime o sev-

4 prop.
3. %,

tie -
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o tig ad eqwemultiplices fecunda; s quars
-t fecundum quamuis multiplicationem
* eandem proportionem fi, ¥t imcrf ye-
, fpgudcnt,fnmpfa fuerint, - .
LY Abeat prima A ad fecundam B eandent pro.
portionem , quam tertia C ad quartain D.
Et accipidwr ipfarum A,
. . C a2que muleiplices E, F;
- ipfarum verd B, D quz-
. - cunque aliz xque muiti-
plices G, H. Dico vreft
‘Ead G, itz effe F ad H.
* Accipiantur enim ipfa-
rum E,F 2qué multiplices
‘ K, L;ipfarum verd G, H
2que muleiplices M, N.
x GM Et quia ita multiplé;t eft
HN . Eiplius A, vt F ipfius C:
-acceptzque funt iplarum
. E, F 2que multiplices K,
- Lt @ ita ergo multiplex

vop.l -
:P;P 1l T e Kipfius A, vtL ipfius
S ’ - C.Eadem de canfa jta mul

3 3 tiplex eft M ipfius Byve N

N i . ipfius D. Etquia eftvt A

L . ~ ad Bsita Cad Djacteprg-

&  queluntipfarum A, C -
) que multiplices K, L; ip-
bdef. farumverd B, Daliz quecunque M, N: bergofi

-5.5. K fuperat M, fuperabie & L ipzm N; & fi ¢qualis,
, - =qualis;li minor minor; funtque K, L ipfarum E,
F 2que muliplices ; M vero & N juntipfarum G,

B = - . Haque
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H zque multiplices: c cltergo,vt E ad G; R{F ad ¢ dof.
H.Si ergo'prima ad fecundamy&c. Quod épot. g, ¢,
tit demnftrare. R oo T
e Leemas o
s \ Vonjam demonftratum-eft, K fuperetM,
foperire & L ipfuini N; & fi fic xqualis, efle
wo eqikdemy fi minor ; niinorem . Conit:kl():%
etiam, i M, fupereciK; fuperare & N iplum L, &h
fir 2qualis,efle xqualem i minor; minorem, xq;
idcirco eric ve Gad E; ita Had Bv R
. A o ° A i ‘ L
v e Corollavinm,
]“‘! X. hoc manifeftuin eft , fi quatuor magnitu-
dines fuerint proportionales, & conuerfims
_ proportionales efle , Hocoft fi etivid ad B; isaC
ad D;effe quogueBadid, v Dad C: .

S PTOPOTQ SO ThCOf.S. -
Si-magnitudo ‘magnitudinis eqae mulsiplex
" fuerit, atq; ablata ablata ; & veliqua
relique aque mulsiplex erie -
atquetota totinst - -
S t-magnitedo A" B magnicudinis C D Zque
.-multiplex , atque eftablati A E ablatz-CFy
Dica & seliquam EB; relique-F D zqie muteis
plicem effe, vt eft tota A B totius G 1: Quotuplex
enim eftA § ipfius & F, eotuplex RatlE B ipfius C
G. Btquia z{jue multiplexieltA'E ipfius C Fy at- 1P77-
que E B ipfins © G« erit A E xque multiplexCF -
¥ _ atq;
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4 - 893t A-B ipfius G F; ponitur autem A E gque mul.
. ¢ tiplexiphius C Fsarq;elt A B ipfius CD:zqs multi
plex ergo multiplex eit A B verinfq;G F,C D:5 2.
b Colli~ quales ergo siit G F,CD;Cémunis C F auferatur,
gitor ex : &eritreliqua G C relique D F 2=
a7 A qualis. Et cum 2que multiplex fic
T .. A Bipius: CF, a1q; E Bipfivs G C,
- efiqre Q G mqualis D Fixquetergo
Ed ¢ owlkiplex sftA EipfukCF, dtque
s o : BBipfus F D, ponur awtenrk A
§ IF & iplus:C F zque nwleiplex,vt A B
iplyps C:Dy. mquecryomulsiplex E
BD 3 ipfius F Dj atque A B ipfius CD;
ergoreliqua E B reliquz F D aque
multiplex eft, arque efttota A B totius CD. Si
ergo- magninudo, ‘&c: ; Quod. operuit. demon,
fraxg,. ., T T T P
: P T S EE P PRSI TN W TR EI
Bropeficio & Theor..6.: -«

$idug magnitudines-dudrans magnitudinuns
" eque mulgiplices fuerint » ¢ .ablata que-
dam fint cai adem equé multiplices, eruns
. rel:qgaj_eiqug_c Qut equales» aup aque

- multiplices o\ . gy s

P

Y Int dux maghimdines: A B, G D.dwarmm:ma—
J -goitindiniih By Foeque mﬂt@ihﬁsr;i&fuaﬁ~
.turg; A G, C H earandenvE; F tequemalaplicos’”
Dito reliquasiGB,H D thhis B3F auc gquities:etle;;
.. . e zque thitleiplices;; Siopritno G.B 1pfE 2 qume
TLE Lg, Dice & HIY ipfich xqualem:eflo. Pontuc
T ipaRequalis O, Cukigan AT gqqcmllga.;,
P . B 21 S
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fit ipfws. K, atque € H ripfins By fit vebs .GB '
Pkt wlaizin g .t'u?e'zzquﬂk ip'ﬁﬁ,&'CK:ipﬂﬁ; aprop,
Wit ooy @ oque multiplex eric AB g, g,
A_\K\v‘y‘:_}, .. ipGhs E,arque K Hipfius F.
ot 4 JPonitur autem eque miple- L
Nal 38 ERISET B“CkABipﬁuSE,‘tq_ efty ..
Ryt - C D iphius F:eque ergo'mul R
s el g (7 o tiplex et KH ipfius Fyate
Ah-1 v 1 GueCD eiufdem*F. Cum
i gk kedy oergo viraque K H, C Dip-

L B K - busF ¢que fir multipley, b b Colli-
iR ‘.,n?mlx’serh&i H ,igﬁCD.gimr;x
D I :Ga{amunisnyaqfcrﬁnr,ax.&d

Al o, Smeunt rgjjqx'rg ¥C,aD ™
i rogquales. Sed R Coqualis . "1?
e Y et Fergo, & HDeidem F
© oy oo sequalis erig. Eft ergoG R
A PRI zqﬂﬂls:pﬁ E’&HD lp.fi
‘Tt B o FubSiunditer demonflvabis
fae e w s ausdD 6 B ipfius E Huenio
e 1.0, sunnleiplex, gque mwléipliy
. vy ¢ wediefle H.D, ipfusF.. 54
LoD | r\” I © L ergo ‘di?-n;agxﬂt;dihes';} L
) ' ~bportuit demrons’ Tt
"BDEF i .

firare.
Yoo ahe

BENRERE TR R .'
o e - Propofip Theof:z. . = -
Asguilesad eandem gandem pabent propor-

- inkionem :=K§"¢W“4¢,¢‘l’!4‘¢,!e: TS
Jumaatyan b i L
S Int may:;icudincs AB gqu:ca,& af":t qugcun

2 gueC Pifovtrimyne A, B. candem irby

por!ﬁ:::uﬂbﬁuud Ci &© eandgm.ad cai c@
NN _

, B.
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_A,B. Aceiplanturiplaruny A, B ¢qemultiplices
oavs . B3 Alid E iphigs C vieunque multiplex . Cum
oo oo dgir zque mpfriplex fit
CT s i tees o Dipfius A& E1pfids B;fic
aCollic -1+ .o overd Azqualis B eerit&
" i Diequalis E; eltyii alia F
I wecunque multiplex ipfius
Seg o C. %1 ergo D malor eit ipa
i D b o 7 Ma By erit & Eeadem Fma
e © - dor& fi gqualis,gquahiss G
B ; : * imidor,minor ; funtq; D,E
PR I - - ipfarum A, B ¢qué multi-
.} :;% II » oo plices , & ipﬂu?.C alia F
baf -, - . "1 - weehnque maluplex: eftb
t EF CH EBCF. - ergovt A 2d C; ita B ad
: cre o 8 o €. Dico & Cad veramque
KB eandem habate proportionem . Lifdem enim
conttrudis oftédemus'Prggualem efle E; & aliam
quandam F: -$iecgo F maior eft D; eric & maior
qm:mrE;f&'ﬁ,c'qlﬁllis\??ql’nﬁt;ﬁ minor, mifior;eft-
que F ipfius C multiplexsalig veré D, E vicunque
de mulriplices ipfanim AyBr set ergivt Cagd A,y ita
cdef. Cad B. Siergo gquales ad eanden ;:&c, Quod

5.5 opormit demonftrace.} r ot ' .

i b N

gitur ex HEN 3N

Propofitio 8. Theor.8.
‘Ingqualium magitudinum maibr ad ean-
dew maiorem Bubit propovtionens , qNany-.
minor; Et eaders ad miinovews maiorem
babet,quam sd maiorem. o
< ;{xt‘in'gqmlfes(maéniiu;linu AB, C;.rﬁn;pé 'd
‘B.maorquam Cyfig & alia D ‘l“ﬁwg!@mx

1€Oo

{
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Pico & B.ad D maiorem habere prop8rtionem,
‘quam Cad D; & Dad C maioremquamad ABs
Cim entm A B maior fit , quam C; ponatur iph

F. Czqualis BE. Itaqueminor "~ °
© ipfarum AE,EB emulciplis 4.0
- ; cecur, donec mator fiat quam , ¢ -
..o @& :y - . D.Sitprimd AE minor quam -
. : A © EBS & multiplicetur ‘AR,
- ‘] + .. donec maior fiat quam D,
x B« T -quefit FG, Et quam mulei-
- : . ,',plc;:eﬁnglpﬁusAE,tam
" a & % multiplex flat G HipfwsEB; ™
KH B C &K 1pfius C. Sumal:flrLip-
o ©.nnin finsDdupla ,Mtripla, & ita
: s.... .ii: deinceps vna plus quoad fum
" -~ pta multiplex ipfiusD, fiac
.3 primd mator qu’;’ml{ 5 fim=
7. ptafie N quadrupla ipfius D,
Tq. & primo maior quam K. Cit
ik I ergo K prim® minor Gt qui

~

? N, non erit’K mjnor quam
N M L I M, cumqueque muleiplex
ftFGipliusAE, & GH ipfus EB; berit.FG prope-
xque multiplex ipfius AE, & F H ipfius AB, %
aque autem:multiplex eft FG ipfius AE,& K =
ipfius C, ceque ergo multipiex eft F H ipfius cax. 1,
" AB, & K ipfius C: funt ergo F H, & K reque mul-
tiplices ipfarim A B, C. Rurfus cum G H ipfius
E B xque fit multiplex , ve K ipfius C; firque EB I
ipfiC mqualistderit & G H iphi K ®qualis. At d Colli
K non eft minor M : ergo nec G H minor erit M: &
maiorautem eft FC qui D totd erga F H virag; 4%
D, M maior eft. Sed vtrag; D , M 2qualis eft ipfi T+
N, cum M ipfins D fistripia , vizaque aurem M,
o l& Dipfus
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D ipfius D quadrupla: eft vero & WipflasD qua- a

e def. drupla: ergo vtraq; M,D 2quales Ginciphi N : fed
P * FH ipfis M, Dmaior eft.¢ Erga F H frperat N,
7-3* &Knon fuperat N; Quia-crgo F H, & K funt -
.. quemultiplices ipfarum A B, C; At N iphius-D
FCum. yteung; multiplex eft,f habebit A B ad D'maioré
fint gue proportionem qdam Cad D . Dico contra D ad
suorma C majorem habere , quam ad A B. ijfdem enim
gritd conitrugis, fimiliver demonftrabimus N fupera-
nes A8se K., & now fuperare F H . Etetim N multiplex
DsCyD. oft ipfius D : ipfarum vero A B, € vttundue mul-
fuper ':tiphccs funt FH, K: habet ergo B 2d-C maiorem

que mae " proportionesh,quamad A B.
siplex - F : git il:unﬂ E maig:::]uam EB,
Al . &minor EB multiplicatafia
siplicem ” . /maior. quimD,quefit GH,
de - - multiplex qudemapfius B B,
% m.m : ‘maiorvero quanyD. Et qiam
7’(.'[““ : multiplexeR GH ipfusEB, -
;;:x :' ' tam multiplex fiaf FG ipfius
vie ,,\;a : - AB, & K ipfins C; fimiliterq;
fipeves oftendemus EH,& K ipfarum
mulsipli AB, C zque multiplices effe.:
o quay Sumatur deinde N mulsiplex.

" 12 Nye. quidem ipfus D 5, primo a=
it mie tem maior quam F G, vt rur-
ior pro. fus FG minor non fic quam.
portio M; maior verd G H quam D;-
Bad D, ita vt tota FH ipfas D, M,

. quam ¢ hoceft , N fuperet; K vero:
ad Dper ipfam N non fuperet ,quonii .

def7 l& GF.maior quam GH, hoceff;quam X, non fi~
wmy, - perat N.atq; ita perficiemus demonftrationem
wt fupra.Inzqualii ergo, &c.Quod oportuis, 8.

' ‘ : Pro-

-

ST et e
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"; .a pmpoﬁuo 9. Thcor.g-

Ruz ad cam(z’m s éandeva babent proportio-
viens . gquales funt : Et ad quas
- fe¢d1 weandem baber, & il

i‘ aE ld ﬁmt m]ualcs.

qT. Abearx vtmquc A & BadC ezn%m pre-

. ,pomt)nun. Dico A;,B.zquales efle.S1 non

N i funt.mquales ,.« nen habebit viraque

e ,’; - Ay B ad-C-eandem. proportionem Sp P' '

A habenmtem,zqualcwoo funt rHa- s

C beat deinde Cad A, Beandem pro-

; paxsiopem . DxcoA, B zquales eﬂ'e )

-4 'Stmﬁmt zquales; #non habebit bP"P

B =C ad A, B eandem propottionem. g ¢,

I'hbctnutem,azqu;les ergo funt.Que
ergo ad ea.ndem,&n..%od opomut demoﬁra.re.

Propof tio 10, Thcor. 10,
oAd candem propommum babentium , gni.
 maioreonbabet maior e§l,ad quam
S -t yabdeadem matorem
e babct,mmor eﬂ

Abeat A 2d.C maiorem proportionsm,
quam B. Dico A maiorem efle.Sinon. aut 4

A eit xqualis'B, aut ‘minor. non 2qualis ¢ v- ,
D K 2 traque



.348 LIBER V.
traque enim A, B eandem habe.
. vet propottioneim ad C3at non ha-
bet ;nonergo B Zqualiseftipfi A.
Non nuinor .quia fi minor efler A
quam B. b haberet A ad C mino-
: rem proportionem,quam B; a¢ non
A habet : non erpo A minor eft quam
B. oftenfum eft augem quod neque
\ fit 2qualis . masor eft ergo A quam
B.Habcat rurfus € ad B maiorem
.- proportionem quany ad A dico’B
© .muneren efie ;quam A.Sinon; abe

§ vr————y

bprop.
8- ,.

——

s

CProp. mi left x=qualis , autmaior. Nen ¢qua-
95 .. his,x hiberetetum € ad A & Blean~
B :r.) < dem propareionem; 2inon habéy;

crmeta ponergo A equaliset ipli B #Ne-

dprop & 70 v quemaioteftBquamA ;¢ haberet
3 _.";, 4 o . eaim C ad B miinesem propoltig-
7 nem quamad A; acnon habet:non ergo B niﬁzr
eft quam A . Oltealum eft autem qyod neque 2-
qualis. maior ergo eft A,quam B, Ad eandem ers

go proportioné, &c. Quod oportuit deméfirare.

Propof.11.Theor.t1,

RQue eidem cadems [unt proportiones & in-

o ter fe eadem. [ant, R
Ttvt AadB,icC ad D;& vt Cad D, fic Ead
) F.Dicoeffevt Aad B; itaE ad' F. Accipiane
tur enim :pfarum A,C,E xque multiplices G,H,
K:ipfarum verd B,D,F ali¢ vtcunquc zque mul-
tipl.ces L, M. N.Et quaeft ,vt Aad B,1ta Cad
. D, acceptgque funtipfarum A , C 2que multipli=
. ces G,H; ipfarum werd B, D vrcunque gque Eul—
T . tiplices

P e~



Is TBRER™V, 149

stipliced L, Mesergo i G exgedity Jof ¢,
L}:tgcednt&ﬂxpigamM &?dz. ,_f’
:qudlis; fi minor ,minor. Rurfus
cli fitveCad D;ise EadF,& ac- |
§ reeprglincipfari C‘Efqu.emulu

‘ )1plltbs H,K, xpfwu vercl.» D,lF a-

. 11d vteonque-2que multiplices

GAB L M,'N. ;:r]goﬁgxicdxtprfam b def.
‘ )M,- excedet & Kiplam Ny & fi 5¢5.
sxqualis , @qualisyfi mino rm- N
- nér. Sed fiexcediy Hipla
- excedes & G ipf i.,f& ( e-

- qualis’, gqua}és 3 § minor | mi-
- i wor2 Quatke fI excedit Gipfam
v :{C’DM"‘L ‘m%dht& KipfimN; chf'
zths 5 zqualis : fi minot ,
<0t e Umior, Et fune quidem GLK ip- -
4 -farueniAE 2que muleiplices : Ly, )
TSR eN vero 1p!arumn; Ffugcalie
- ' vmmque gque mq'lné]nces Eft

etzocidem, &c udd _cmon— s,

K E F N ﬁﬁzc ogomut, 5

. Propol' 12.Theorara: .~ =
‘Sc quormzque maguitudines propomcmales
fuerintserit ¥t 9na axtecedentium adv- ¢
nam confequentiié ita omnes. antecedentes
- ad.omsnes confequentes. ...
Y-Intquotcunqgs magnisndines Ay B, C .D:E, F
vt guidem A ad B; ita Cad D,& Ead F Dl- 4
wov eﬁ: AadB;itaefle A, C,EadB,D,F. Ac-
t'ipxanmr énim zpm‘um A,C B !qul‘lnnlnphccs
A R Mt JRREE . I TR ""GSH“



adef.
5.5,

bprep.
§. 1.

'GABL

fr%

,d@?h

- 'Q@; &G, H;K ipfarum A , &A
» C, E,:!quémukm%hces bqlu

‘{&7

~AeS quoscung;

'L‘IBER V.

-Gy H ; K: iplarum verd B,

& R T ahz,vtcunquc aque muleip ices

L, M,N. EtcumftvtA ddB

xtaCadD &.E §d F ,accepre-
. quefint qd'apum nideny A, C,
E xzque muluplxce G, H, K} ip-

farum ver6 B, D, ¥. a!n: vecyn«" °

que xque” antlplisesL'M“N

' ergo fi a§G excedit L, excedet &
H iplam N5 & xpfam

fi zquahs,,aqu ﬁ.;n or ,
minor ; Quare fi

fam L excedent 1p—
fasL, M N,&ﬁ quahs,a a-
Jes ,f mmo;,f?nmér‘es "funtque

3
fi
e magnitudi-
gnitudinu

aqualium numerd. f‘;ou ®
I

fuering quetciing

gulard 2qué: mnll{p itesy qu m

k E F N multiplex-cft vpa v

tiplices funt pmn# onitkn thd fﬂf_

dem dé caufa funt, L& L,M, N ipfarum B, &B,
D, Fzque uwluphces. Ef ergo vt A ad B; ita A,
€,Ead B,D, F. Siergoquodcumque. nugmt.udx-
nes,&c. Quod oportuit demenfiraze, . - .
. Propof. 13.Theor. L;» .
Si pmm ad [ecundam eandens proportionem
- babumbqum tersia ad guartam; tertia
“werd ad quaveam maiorem babucrir quem
" quinta ad [extimihabebit & prima ad I'e-
i cundam maioress » quam quinta adfextd.
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Rima Ahabeat ad fczundam Bearidem pro-
portionem , quam tertia 'C ad quarcam D,
Tertiaverd Cad quareath D maiorem habear,
quam quinta B ad fextam F. Dico primam'A ad
fecundam B maiorem habere, quam quintam B
ad fextam F. Cumenim Cad
sy Dmatorem prop~rtionem ha- -
beat, quam E ad F; fintque ip-
. farum C,E qugda.m ®que mul~
‘tiplices ; 1pfarum verd D, F
alig quecumque : ac mulnplex
£ ™ quidem ipfis C excedat mului-
I phce[r;n ipfius D; multiplex ve-
roipfius E nonexcedat multi-
MA B Nphcem ipfius F . Swc ergo ip-
farum C, E xqué mulciplices
.Gy H1: npfarum D,F aliz vecii-
-.queX, L, «fic, vt Gequidem K 2 9¢f-
excedat: H wcr&l. non exce- 7 5
+dar. & quank multiplex’ eft G
ipfius -C, tain migltiplex fitM -
I‘ xpﬁusr A; & quaim muinpl}:x eft
* K ipfins D, tam muluplex fit
G C .‘D'K N?pﬁusB Etcumft\}’)tAad‘
B;ita Cad Dyaccepraquefint
‘ xpfarum A, Ceque multiplices
M, G:ipfaumveré B, D aliz
} I vicumque ®qué muluphces N, kS
K, M fuperac N, & G fupera-
H EFT. b:t.K' &ﬁzquahs, 'tqu;tf‘ i
minor , mintor : fiperat autem
G xpfamK bfuperabrtergo & Mipam N:atH b def,
non fuperac L; &funtM Hiplarum A, E 2qué ¢ ¢,
mulnphces N v#rb &L xpfarum B, F vicumque
K 4 zque
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. @que mbleiplices fant : habetergo A ad B maie-

|8o §~

rem proposiionem, quam E.ad F . Si ergo prima
ad fecundam,&c.Quod oportuit demonitrare.

ﬁit;pdfotq. "l-:l.tcér».'r{.

. Siprime ad fecundam eandem babserit pro-

b prop

pertionens;quam tertiaad,quartam; pri-
~ maangens quam tertia major fuevst ervit

@ [ecuuda quam quarta deaior : & fi g~

qualis; aqaalis; [i minor; minot e |

: P Rims Aad fecundam B eandem habea pro-

portionem , quam tertia €adquartan D.
: . &fit Aquam C maior. Di-

t 0 . -co& Bxquam D maiorem
1} efle.Cumesim A quantC

- ) . maior fit, fitque alia quix-
e I cunq; magnitudo BS; a bia-

. e . bebit Aad B majorem pro
ABCD portionem, quim Tad B.
" Viautem A'ad B; fieeff C

ad D: ergo C ad D maidtem’ habet propet-
tionem , quam C ad B. Adbquaifiautem e§dem

* maiorem proportionem habet ;:illa minof! eft;
miner ergo eft D quam B.quare B’.‘quam’{)\:’zﬁ:ior
eft.Similiter demonftrabimus fi A tualis & C,
&B 1pfi D 2qualemefle: & fi A minorfit quam

- €, &Bminorem efle quam D . Si ergo prima ad

R

fecundam, &c. Quod oportuit demonftrare.

Pro-~
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Propof. 15.Theor.15: .
Partes cum pariter multiplicibus eandem

babent proportionem ; fi v fibi mutuo -
. refpondent, /'umnmr.

Int azque muluphces AB. 1pﬁu9C &DEfp-

GusF. Dicoefleve CadF;ita'A B ad DIE.
Cumenim AB ipfius C ita muluptcx ft, viDE
ipfius F , eruntin_ A Btor magnicudines zquales
ipi C;. quot{unt inD Ezquai

. G H,H Bequalesipfi C. EtDB
mDK,KL,LE quales.xp F,

‘ D eritd; multitudo
.G . zq_:ghs mulcxwdx% d;(‘,KL;L

3] ~K¥  E.Brquiacam Aﬁ,ﬂH,HB,

ipfi F. Diutdagur
' A . . enimABin magmtudmcs AG

1 L . quam DX,KL,LE xquales funt,

rift vi AG adDK;ita GHad

KL,& BH ad LE; certcergo ve-

B C E Fuunm antecedentium ad voum
‘confequenttun; ita omnes ante.

a prep,
124,

cedentes ad emnes confequentes. Et ergo vt AG -

adDK; ita A Bad DE.Eftautem A G iphi C =-
qualis , & DK ipfiF:ergo vt Cad F;ira ABad
DE. Partes ergo,&c .Quod oportuic demoﬁraret

' Propof 16. Theor. 160

* Siguatuor magnisudines proportionales fue-
rint, & permsutats proportionales erwns.

. Slntquatuor magnitudines proportionales A,

B,C,D Ve Aad B;ita Cad D, Dico & pera
mutasas



a prop.
1¥.5.

b prop.

15.5.

cprop.
14 5. ;

Ix4 LIBER 'V,
mutagas proportionales efle: Ve Aad C; itaB ad
D. Accipiantur enim ipfarume A,Beque muleipli-
vy oy - ces, E Fyapfarum C, D aliz ve-
. .. _cumque G,H. Ex quia E, F 2que
1 sultiplices funt ipfarum A, B,
- + *ahabentd; pattes eodem modo
_multiplicium eandem prepor-
LT ] tloheminterfe comparate, ¢pit
’ S v’th»ailB;{i:&Ead F.Veverd A
T g ad B ita efR C.ad D rergove C
EART .4p;iachBadF. Rurfus cum
;- .0 40 GUH iplarf G, P fine equé mul-
w7 oeiplices s beribvt Cad D, G
P L adH . Veademy C ad D ita eft
' ,{ % BadFiergovtEadF;itacft G

ad H. o Cum autefofjuatuor ma-
gnitadines proporfionales fue-

G C'D KA rint, & prinia quamitertia mbios
fuerit, eric & fedunda quam-quarta maior; &,fi¢e
‘qualis;equalis;iminor,minor. Ergb fi B fuperat
G & ¥ fuperabit H. &, i gqualis’, 2qualis ; fimi-

© - ‘norymiaot .Sunt atem' Ey F ipfatum A, B, zque

ddef:
5.5

multiplices: G; Hverd ipfarmayC , D vicumaque
fune-equenalciplices. d EttesgoveAad C: ira B
24 D. Si ergo quatuer magnitudines, &c.-Quod
epormit demonitrare. AN

~ _Propol.-17.Theor.i7.
Si compofita magnitadines proportionales

fuerints & diuife proportionales erunt,
, : ShbAaian

g‘ Int compofitg migniwdine; AB,BE.CD,DF
13 proportionales. Vi quidasin A-By ad BE; ita
€D,ad DF. Dico & diuifas proportionales effe ,

. . . vt AE



veA Bad E B; ita CF ad: F D. Accipiantur enim
ipfarum: AE; BB, CF, FD2que multiplices G H,
HEK. LM, MW sipfaram ver&EB,FDaliz vtcum.
© quexgné melciplices KX, NP, Ecquid 2queé mul-
" siplextet G H-iplus A B, vt H X ipfius E B; « etic
Gl jpius A E 2qd muluplex; w G K iphius AB.
#qué auzem multiplex eft G Hiphius A E;vt L M
ipfius € F: bergo ®que multiplex eft G K ipfius
... AB,ytLM ipfius.C F.Rurfus

X qutia €qué multiplex e LM
T - P iplis gF, M 13 tpfius FD;
" ¢ erit LM ipfius CF xqué mul
tiplex,ve LN ipfius CD.2qué

S autem multiplex erat L M ip-
‘N fius CF,vt GK ipfiuc AB:der.

. B .go-GK zque multiplex elt ip-
S L M+ fius AB,vt LN pfius CD-. Sac
[FRIEERY E}& 4 ergoGK LN splarum AB,
- de Lt L CDzqué multiplices. Rurfus
w K% A C Y qriaHKipfius E B equé mul-

b 4

.. tiplex eft, veM N ipfiis FD.

Eft vend & KX ipfins EB qué mujciplex , ve N P
ipfiusF D .eerit compofita. H X'ipfius E B 2qué
maultiplex,ve MP ipfius D.F. Ec quia eft ve A Bad
BE;ita ‘D ad FO ;3 ampreque fuat ipfarym A B,

€ D .zeque milciplices G K, L N.. Ip(avitm verd:

E£B,FDalix vecunque 2qué multiphées HX,
MP, Si ergo GK fuperat HX, & LN fu-

4 prop,
1.4.

b prop.
1. 5.

cm’t
1. §.

dfrop.
11.§,

Wl

3
B et

¢ prop;
5.3,

AR

perabit,M P. Et i zqualis, equilis; 6 mi-- - -

nor, mineu.;Superet GX ipfam HX, ablata com-
mung HK, fuperabit GH ipfim K X. S={ A G K fu-
perat HX , fuperabit & L N iplam M P., Superet
srgol NuipfamM P, faperabit (comnunt M N
ablaca ) & L M ipfam N P, Quaze 4G H fuperat
-1 v K.x’ &



Sof.:
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KX; & LM fuperabic N P. Similiter’ demonfira-
Bimus,fi GH 'gqualis AKX, & LM gqualem effe
NP; & fi innos,mihorent. Et funt GH , kM. ipfil
-yum AE,CF aqud iifltiplices. lpl':mzm ve;b BB,

FDalig vtcumqae KX, NP.fElt efgovt AE-ad

.BBjita CFjad FD.Siergo: compoﬁtg,&d Quod
” ] ,f) Lol

. Prdpof 3 Theor. 1. X
.84 divife magnitndines propqmonalcrfue-
vinks & compoﬁu yropomomles arunt.
: S Int dinifx magmndihn AE;EB; CF, Fb ‘?
portionales. Vc AEad EB; e CF aql
-Dico & compofitas- pmpomonfles ot ,vtAB

" :ad BE;1ta C D'ad FI3. Sinon éltys AB ad3 E;

.ita CD ad FD; fic vt AB ad BE; ity C.Dvel ad
. mmdrem FD; vel idmajorem. Sit t pramo ad mi-
© i norent D G. Cum evgofi, vt AB

ad/BE; ita C D ad DG, erunt com-

apro, .-\-' : oy
,; : R C. -pofite'magnitudines p‘topemoaa-
- les;iafuntergo & dinifre,wt AE ad
b . 'EB, ita CG ad GD; ponitur autem
pop E wt AE2d EB; ta C Fad F D1bertt
1.5.0 % ' érgo vt CGad €D, ita CFad FD.
‘ G © Eit autemn prima C G majorl tetftia
e °’ ICF: ¢erit ergo & fecundaGD oid-
14.5.. B b ior quarta FD; fed & inot: eft:

quod fieri non potcﬁ Nonergo eft
vt AB ad BE; ita CD ad nimorem ipfa FD.Simie
liter dcmnnfh‘ab:mus -quod nequead maicrem
ED; ergo ad ipiam: Si ergo dunfz ;. &c. ‘Quod
cpor:m: demonftrare.. 7 v 4 -‘ :1" i
L 10w

e~
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e Te : R L
_wue i+ Propof. 19.Theor.19. ... .
Sifuerit wetota adtoran ;ita ablata ad abla
. ba @ veliguaadreliquam evityye
wegere, dosaadeotam, :
Nt DR T A
Ievetota A Badtotam CD; itaablaca AR
ad ablatam CF, Dico & reliquam EB ad re-
liquam FD efi,ve eft tota AB,ad totam CD. Cd
~. .. JenimfitvttotaiABad toram CD,
A7 ita'AE ad CF; 4 erir permutando aprop,
- >-"C=, 23 AXBad AE;vtC DadCF, &bdi- 16 5.
} i s . videndoBEad EA,viDFad F C; b prop.

arlr o -

., yurfusque permutando vt BE ad 17.%.
"lgF; 13. Eiad FC.Viwerd AEad 75
'« CF; ficponitur tota ABadtotam
CD.ceft ergoreliqua EB ad reli-
quam FD, vt tota AB ad toram cprop
w ... €D.Siergofaerit,&c. Quod opor 1.5
P .. - wicdemonftrage.
_ "7 Covollarium.
=T quia demonfiratum eft,vt ¢ft AB adCD,
E= fic efie EB ad FD,erit d perriritarrdo ve AB doro
ad EB; 1ta CD ad F D. compofirz ergo magnitu- 12 P
dines proportionales i:unt . Oftenfum eft autem, = I
vt et ABad AE; itaefle CD ad CF, qtiodeft per
- ¢ontrerfionem rationis . Vnde peeric“ﬁunf eft, i
compofitz magnitudines proportionalestfint; & edef.
et conuerfionem rationis proporti~nalés efle. 1.,
- . Faéte autem fuat proporuones,&.in gque m.t:
.. tiplici-

~
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tiplicibus,& in apalogijs. Nam fi prima’fecundg
gque fuerit mmltiplex yatq; tercia quatea: s ent ve
prima ad fecupdam ; ita tertia ad quarcam. Sed
. nonita ex contrarie conuertitur . Si enim fuerit
vt prima ad feCundam,ua tertia ad quartam, non
omuino erit prima fecunde, & tertia quareg gque
multiplex,vt in fefquialteris,vel fefquicerti JS pro
porumuhs,welah)shmufmod: R N
. 4

" Propof 20.Theor.20."" '
Si fuerm tees magmmdmcs: &ralia :lhs "~
- ‘mero aquales  gua bina &vin cadeps ra-
: tione [mansur , ex aquali antem 'mta
““quam tertia maiov fuerit , etit & quaria,
" quam fextamaior; erfi tqucl;s,aqulis, ]
‘mivar, minor. -

Int cres magumxdmcs A,B, C & alize 1p(' s rit-

S mero zqualcs -D,E,F,qua bmg, & ineadeh
ratione fumantur.Ve quidem .

~+. AadBj;itaDadE- Vt verd

- 'BadC;ficEadF,ex gquali

I autem A maior fit quam C.

o Dico & D quam F maiorein

AB c efle: igqt?ahs aqualem: fi

‘minor minorem. Cum eaim

A maior fit quam C ; alia ve-
{ I - rogugcumgq; B.« Habcbxt A

;‘ﬂ;‘.’" 4 - ad B maiorem preportioné
b : ¢e. quimC.dB. Sedvt Aad B:
rgugt DEF ?ceﬁDadE.‘vtaummC;d

Bita cﬁ bconuertendo FadE: BrgoDadEma-
1orcm_ .
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iorem proportinnem habet;, ci:lam FadE:cad
candem' autem proportionem habentivm f qua: crop.
maiorem habet, illa maior eft ; maior et erYo D'
quam F. Similucer dcmonﬂrabumls Sx A It x-
qualis C; & D 'equalem efle F; &fmmor, mino~
rem. Siergo.tres fuerint magmmdmes,gc de
demonflrare oportuit,

4‘.
PR

et

Propof 21, Thcor. 21,
Fatnas o
. 'Sz fuerint tres uugmtudmn, Q’alm ipfis
numero &qales quabings o Jncadem
proportione fumaninry fuerit.ausevs earis
persn:bata propostio, & ex equali pruna
maior fueru quam tertia s & quarta qua
{extamaior erst. & fi xqual:f,aquulu,@~
fiminors mmar.

g Int tres. mabmtudmes A BC;‘f( iz 1pf s Nue
S meto gqua.lcs Ds Ey Fr;u :4}& ineatem

s, yatione. fumantu: e autem pete
¢ Jturbaca earum proportio vt A ad ;
... . BsficEad F,&ve'Bad C,ficDad ‘

¢+ - B3 fied; exequaliA qram Cma-

-~ -jor.Dico & D maiorem: efle ipfa

o RS 7 &(gquahs,gqualcm,f i minor,
I }nmoremc E‘Um cr%o A maior .

i A o fig quam que alia quadam 3"

-.ArB c.. B. a Habbic A ad B 1§alorcm 8.5.
_proportionem ,,quzm C ad B bprp.
fedvtAgdB;ita eREAd F. gt 4-5-
b conumendo, ¥ Cad B, ita EadD:cqua’ CP“'P

reEad 8
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i 7 re £ ad F maiorem preportiv-
. - - nem habet, quam E ad D, Ad
s ¥ quamautem eadem maiorem pro
: - -+ portionem habet, illa minor eft :
‘4w minoreft ergoF,quam D: adeo-
N ; que maior D quam F . Similiter
oftendemus fi A fit 2qualis C, &
D E F DipfiF¢qualemefle:& fi minor,
." minorem. Siergo fuerint tres
.,‘;‘nimdineg » &c. Quod oportint demonftrare.
-7 ' propofa2.Theor.22, ,
$i fuering quoscumq; magnitudines, & alia
" ipfis numero equales,qua bine, & inca-
i “dem propertions fumanturs & ex equali

" 1 cadens proportione erunt,

o Slnt quotcumque ma-
'[ ; } gnicudines A;B, C;

3 .[ l » & alig ipfis numero -

quales D, E; F; qu¢ binz
RE R hadl Sy & ineadem proportione
. AB CD E-F-fum'antur-, v: qt}:iodem A
: / vy nyad Byita DadE; veverd
> G ,.< MHEN BadC;fic Ead F. Dico
L " 4 quodek 2qualiin eadém
1 fint proportiones Hoce
- eft,dico vreft A 23C;ica
. efle D-ad F.Pumantur
- -enimipfarumA, Dequé
- multiplices GywH;: ipla-
. wm B, Ealiz vecumque
R N + o K,LIemipfarum C, F
CE Y 0w alisveeuniqz M, N L Et
: ; cum

—t

o

A2
‘;
r
——
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com fir vt A ad B; ica Bad B, accepted; fintipa -
farum A, D 2qué multipkives Gy H. Ipfarug B,

! Ealiz vicumd; 2qué multiplices K, L, a crit ve 2 prop,
G ad Ksita Had L. Badem de caufagrit,ve Kad 4.5,
M;ita Lad N. Cumergo tres magnuudines Gihe
Q. K, M; & aliz ipfisequales nungero H, L, N,

uz binz , & in cadem propostione fumiuntur , b b prep,
ex2qulifiG {u(?erat-M, & Hupérabig N; fize 204, .
gualisequalis;ii minor,minof. Kt funtG,H ij ‘
farum A, D zqué muktiplices.M, N ipfarum é_:
Fuceritergo, vt A ad C; ita‘g) adF. Siergo cdefis
quotcumque, &, Quod oportyic demontirare. e

'~

i

| Propof, 13. Theor. 33,

8i fuerint tres magwitudines, @ alis ipfis
. &qualesnumero > qua bings €& incadems  °
.- propettione fumantuy » fueritqueesrum
< peviurbata proportio; @ ex aqualiin ea«

: 'j dm‘pr,ozprc_topg erunt,

S Inttres magnitudines A,B,C, & aliz ipfis
aquales numero bin® in eadem proportio-
oc fumpte D, E, F; fit autem earum perturbata
proportio. VtAadB; ficEadF. ViverdBad
C; ficDadE. Dico efleve AadC; itaDadF.
Sumantur ipfarum A, B, D zqué multplices G,
H.K. Iparam C,E,F,aliz vicumque L,M,N. -
Ecquia G, Hipfarum A, B funt 2qné mulupli-
ey, & partesautem eodem modo maltiplicium a prop.
eandem habeut proportionem , erit ve Aad By 15 §.
ficG ad H. Eadem accaufacrit,v Ead F; fic M

Xy "d
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b prop, ad Nycurhd; fit ve A ad Bjita B ad F; b evig quoq;
I A L C ad H;ita M ad N>Rurfus quia’cﬁ vt qa:qc

itaDadE, fumptzg; funt

ipfarum B, D @qué mul.

tiplices H K:ipfarum vee

K X ) 10 C, Ealiz vreumq; L
cprop; ! I . v-I’-‘s.M;,ceritthadL;iu-;

- *F "ABRCDER
 GHLKMN

il

iyl

dprep, . o

a1.g. &

ad M. Oftenfum eft aus
temeflevt Gad Hiita M

© 'ad N.Cum ergo tfes-mae

gnitudines G, H,L, pto+

- portionales fint 3 & alia

ipfis aumero ziuales K,
M,N,bing inea

pottione fumptz , fitque
eard perturbata propore
tio; exd zquali i G fupe.

“ratL; & K'\fuperabjt Nj

& fizqualis , zqualis; &
minor, minor, funtd; G,

em pro=.

-

-
e —— e ——— . —

. Kipfarum A, D zque multiplices, L, N vero ip-
e def, farvm C,F.eEftergo,vtAad CjitaD ad F. §i
§.5. Ccrgofinteres,&c. Quod oporeuic demonfirare,.

Propofitio 24. Thoor. 24. © -
Si prima ad fecundam eandems habuevit pre
portionem; guam tertiaad quartam; he-
beat anters & quinta ad fecundans ean~
dens;qriams fexta ad quaziam:habebit -

. comspofite ex prima & quinte ad fecn-
. dans caudem proportionsmsy quans sertiss -
O fesaadguartams - -
S ; -
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Abeat prinma A B ad feeandsm € candem
propertionem, quam tertia DIB ad quare
um F, habeacverd & quinta B G ad fecundam
Ceandem p:opomonem » quam fexta EH ad’
o quartam F. Dico compofi=
y : - Tameyprima, & quinta A
G ad fecundam € eandcm
. . habere proporuona, quam .
... .. habet compofitalex tertia, =
acbfcxta DHad mu:xclf. Lo
& - Cum enim ficvt adCs
v ... itaBHad F,yem? nuer- l"""
1y . . tendowt Cad BGyitaFad ™4
. BH. Erquia'eft vt ABad ff *
" CitaDEadF. Vi vers C J b
.~ adBGsita F adEH. b Ex P""
xquali crgod& ;ve AB ad 225
BG: ita DE a.d EH.e¢Et c‘
wm damfa ma% mdmes proportionales fint, *¥'5°
erunt & eqmpofitx proportionales.  Vt:ergo A
GadGB;taDHadHE Eftvero, v¢ G Bad
C:itaEHad Fid ex zquali ergo e, veAGad dprep.
C:ita D Had F.Si ergo prima ad {ecundam,&c 32, §.
Quodoponux:dcmonﬁure.

Propof. 25. Theor. z;.
Si quatwor magnitudines proporvionales fue
vint,maxima & minima dualms reli-
‘ ' qms maiores mmt o !

Iat quatuor magmtudmes proportionales

) AB,CD,EF,vtquidem A Byad CD:ita B
ul F.Ssuﬁnum AB,minima F.Dico AB,& F,
» quam
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. aprop, quam CD,;Emuioresefle’. « Ponatur iphi E 2+
3.1. qualisAGj1pfi'F, zquilisCH. Cumergo fie
. B "% vtAB ad GD;itaEadF. Sit
F' o -rdCH.eritvt ABad C D;ita
‘¥ 7t AGad CH. Etquiaeftwreo~
G b i "ta A Bad votam C D,ira dblata

D oo AGadablatam CH; b et &
berp. | D3 reliqua G B ad reliquam ilD,
x9. 5. - 3Rl § - vtrota ABadtotam C D:ma-

maior ergo etiam cff GB,quam

P I Joreft autem A Bquam CD.
pod-de ‘: HD.Eg:umAGz‘ ualis fi ip.
ACEER:GE;&CHIipfiE efuntAG &
: A% T Raqeales ipis CH, & B, &
caxg. " o0t ” cam,cquande %lgliaihxquz-
© 7 Iibus adduani; cota fant inzquaks. Ergo (G
" B,H D inzqualibusexiftentibus & maiori G B)

: addantur ipfi G B,ipf2 A G} & F;ipfi verd H B;-
uam CD; &E. $i ergoquatior, &c, Quod*

ipfe CH, &E, colligentur A B, & F muaiores ;{

-+ eportuit demonfirare .-

.q - PR P

devics Commandine ex Pappo Alexandyino colleie.

Propofl. 26. Theor. 26, .
§i prima ad_ [ceundam maiorem babuerit
proportionem; quam tertia ad quartams ,
babebis conuertcndo fecundaad primans

. minoYem ,quam quarta ad-tersiam.,
Y Abeat AB ad. B C maioieni propertio-
H nemyquam R EadB F. DicoCB ad.B A
oL . - minoe

L7 autem ipfi E 2qualis AG; Fvew

I 4

Sequenss propofisisnes wow funs Enclidis » fid d Foo'
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mmorem habere , quam F RadBD. SitvtAB
adBC:ita DEadalum G: ergoDEadG ma-

iorem habet propor-
R s " tionem , quamD E ad
A B g ,gl’-‘:n mipar ergo erit a grop,
: e squamE F. Ponaur 8.5.
.‘?_._”_,F ipi G zqualis E H.
. 7 Quiaigiturve AB ad.
G . UBC;itath DE adE
Sy - -
- T H;: # erit conbertendo, ;

viCB2dB Ajin HE ™
adED. ¢ Sed HE ad E D minorem habe: pro- P4

portionem, quum FE 2d E D: Ergo &CBadA ¥* °

l minorem habebit, quam FE ad B D. ngd CP rog.
oportuu demonﬁrue . 8.5

b Lehwd

: : ond ﬁ A.B adB
A B €  Cminorem habuerit
, Bm———— roportionem,quam
o ‘-D___, ; E_.,...F e . ! f)!ad REF; hnbeBit
S - comrerterdo€ B ad
B'A maiorem, quam 4,
EEad ED. fic voA B ad BC;itaDE ad 4"
aliam 8 G, d quz maior erit quumEF. ¢ Con- Le;
ucrtendo crgoerit ve CBadBA; itiGEadB .
D.fAtGE ad E D maiorem habet proportio= . f';
mem, qumFBad B D: ergo CBad B A maio- P-4
rea}nbcht, quam F EadED. - f '"’_

i N
Propof 27. Thcor. :7 g

YR

$i prima « fecundans maiorens babum'c

mpmwmm ’ quam sersia ad quavtam;
L 3 ey
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babebit permutando prims ad -tml'cin .

méiorem,quam fecunda ad quartam

-quamDEIdEF. DicoABad DEma-
Lol * . jor€ habere,quam

A 3 C cniz\ AIB ad BC;
e ————t * jtafit elia GE ad
.G - D'__B' __'R - EF: 4 quz maioy
T erit, quamDE. b

HAbmA B ad B C mafor€ preportionem, ‘

' Lo Eft ergo permutan
do,vt AB1d GE;ita BCad EF.c Habetavtem
A B;2d D § maiorem proportionem, quam A B
adGE; hoceft,quam B Cad EF. Ergo ABad
D E maiorem proportionem habebit,quam B €
ad E F. Quod opostuit demonfirare.

L '

: T U Badem ratiow

A B € . ne,fiABidB
o et——ap. C minorem haw
oG E F beat proportio-
Tt nem,quamDB
ad EF, fequetur

permutando A Bad D B minorem habere,quam
B CadRF. SitenimveABadBC; itaalia GB
adEF, d quaminoreritquam DE. ¢ S¢dA B
ad D E minorem haber proportionem , quam A
Bad GE, hoceft, quamBC adEF. Habebie
igitur A B ad D R minorem. proportionem,
qanBCadiF. .

R
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Pmpof tio 28. ’l‘hcor. 18,

. Sipriwa ad [ecundans maiorem proportio-
- news babeat s quam tevtia ad quartans ,

- etiam componendo prima & [ecinda ad
[uundam maiovem proportionem babe~

. bum,quam mm @' guarta ad quartam.

Abeat A B ad B C maiorem proporties -
ncn, quamDEadE F. Dico&ACad

SO CB maiorem :abexe.
oA quamD FadFE: fic

A B. c ;3:ABad BC;itaalia 2
‘ap E R GEadEF: acntGl 3’""
. a—-——;—.‘ maiorqui DE. 2 p
e igitureft,vt ABa B *;”"
C;itaGRa b erit compénende,vt ACad

CB;qu E. ¢ Sed G Fad FE maiorem 8’;’"

propnmonem habet,quam DFadFE. Ergo& .
A C ad C Bamaiorem habet proportioné, quam '

DI adF E. Quod eportuit demonftrare.

R %odeBadBC mine

W @ rem proportionem habeac,
ﬁ——-—-ﬁ-—f. quan‘: DE;E adEF, d habebitd
D@ EF etramcomponendo A Cad 18, g
b=t———t=<  CBnunorem,quam D Fad

: EF. Quia enimABadBC

mitorem proportiopem habet,quam D Ead R
F;ficve ABad B C;itaalia GnadF. F,ecritea eprop,
munos quam D Eergo ve A Cad CB, naerit G 3.7, -
l‘ad Fl. fed GF ad F§ minorem, habet pros - .}
-ak L ¢+ poe
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ortienem,quam DFadF B. Ergo & ACad &
minorem habebit ,quam DFad FR.

-~ "Propof.29. Theor.29.
Siprima s & [ecunda ad fecundans maiorems

* babeat proportionem > quam tersia, &~

~ quarsa ad quartam,babebit & dinidende

" prima ad [ecundam miorem proportio-
- Bems,quam sertiaad quarbam., -

| o Abear AC ad
- AG B C C B maiorcm

. '] goportioncm,'quam
.. P E E-

F ad FE. Dio &
¢+ - ABad B & maiofem :
A o habere ,quam DE ad !J
" _EF. VeenimDFadFE; itafitalia GC-adT
aprop. B; seritqueG € minor , quam A C; & diniden-
2.8, doeritGBadBC;veDEadEF. b fed ABad
b prep. B C maiorem proportionem habet, quamG B

t 8 ad BC. Ergo & AB
.2d B Cmaiorem habe
. GA B C' bit,quam D EadEF.

Sivero AC ad GB8

P .E F. minorem habeat pro~
- 1 portionem, quam D F

, , ad F E; habebit & diui

dendo A Bad B C minorem , quam DEadEF,

eprop. Sienimficve D Fad FE; itd alixG Cad C B¢
L.5.  eritGC quam A Cmaior,d eritque dividendo
dprep. GBad B C.vt DEadEF. Habecautem ABad
47.5. B C mirerem propostiencm , quam -G Bc.zg:
. . s y Ha=
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C;habebit ergo & ABad B Cminorem , quam
DEadEF.. '

Propofe30. Theor, 30, . g

Siprimas & fecunda ad fecundaws maiorems

proportionem babeat > quams tertia, o
quaria ad quartam;per conuerfionems ra-
tionis primas & [ecusuda ad primans mi-
~ morem babebis 5 quam tevtia > & quarta
. edtersiam, . ’

[

L el " Abeat AC 2d
. ; . BT maiorem

A T B c-propor:ioncm,quam

S e - = DFad FE. DicoC
. 5 X ‘E : G F Aad _A"-B_rn}mor{m )
s T habere;quimFDad -
A B C ‘DE. Sitenimvt A <
D GE ¥ @ CadCB,icDRad 4
a e aliamF G, «qhiz mi- a phgp-

: - nor eric quamFES 6 8¢
e T RA Quare per ¢onverfio- b eppil.
T ‘nem rationis, W C A 19,5,
ad AB:itaeritF D ad D G.cfed FD 2d DG mi- ¢ prop,
norem proportionem habet,quam FDad DE. .,

Ergo & C Aad A B minorem 11abebit s quam F
DadDE. Quod iA G ad CB munarem pros
portionem hibeat, quam D F ad FE; habebit
per conuerfionem rationis C A ad A B maioe
rem,quam F D ad D E;erit enimvt ACadCB,
iﬁ: D ¥.ad maiorgm quam F B seliqoxitanifefta
o™ .t T R T
R T Pier
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Propof. 31. Theor.31.

Si prima ad tertiam maijorems proportio~
wem babeat ; quam fecunde ad quartaw;

- babebit etiam prima ad tevtiam mazio-
vem,quam prima & fecunda ad tertiam,

& quartans.

CoT T Y Abeat AB
A B ¢ A1idDEma-
et —ipeeed  iOTEM proportio=
®».. ..., F nrem,qumBC

" bememigrgefoset et 34 E'F. Dico &
. .. B @ 23 dDEm.
N “.. - - ioré habere, quf
ACadDF: Sitenimvt ABadDE;in B Cad
aprop.aliamE G, « quz minorerit quamEF. b Ergo
8.5. totaACadtetam D Geftvt AB ad DE.cfed
b prop. A €24 D G maiorem pioportion habet quam
.33, 5. 3ad D F; erge A Bad D E maior€ habebit, quam
eprop. ACad D F.Et manifeftum eft totam A C ad to-
8. 5. umD Fminorem habere,quam ABad DE, &
" &minor fit proportio partis, totius maior efit,

7. ‘Mropol32.Theor.33. . .
Sitota ad tosam maierem habuevit propor-
-+ tionemquans ablate ad cblatam;habebis
“ . @rreligus ad religuam maiorem quam
" totaadtotam, L
H Abeat A C ad D F maior€ propertionem,

quam A B ad D E. Dice & sgliquam BC

sdse~

- ‘
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ad reliqmaih E F maiorem habiere;quam A Cad

DF. Sitenimvt ACad DF, itzABad DG. e 8 VP

R ergo & reli-
qua BC adre

L o liqui-G Feft,
é—ﬁn’-—ag-—-i-s v;q A(iC acd .?l
B o "E . EfedtBCa

: S R E.F maiorem

TR s propoftioné
habet: quemad FG. Rrgo & B Cad E F maio-
gem habebit,quamACadDF. SiverdA Cad
D F minorem proportionem habeat ,quam A B
&d D B, & reliqua B C.ad reliquam E.F minorem
habebit,quam A Cad D Fyquod eodem, quo fie
'u,modcoﬁendgtut .- )

. '_S,}ro‘_pof'._ 33. Theor.33. -

1956

b
oty

i fint tres meigniiudines » & aligipfisnns -

mero.equaless babeatd; prims priovses
ad fecikdam mwiorE proportionem > giem

_ prima poficriorum ad [ecundam; [ecunda
verd priorum ad tersiam maiorems ban
beat quam fecunda poSteriorum ad ter-
siam:etiam ex aquali primapriorum ad
sertiam maiorens babebit 5 quam prima
poficriorum ad tevsiam ,

H Abeat A ad B maiorem proportionem, |

quam D ad E, & Bad C maiorem, quasi-

‘Bad F. Dice ez zquali A ad C maiorem habe-
Tl ‘ - Y]
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requamDadF. Cumenim A ad B maiorein

q;’ I: r_gopbt‘dolmba

39.'%

AB

H

PP B

e

v

e

D EF.

RN {8 .

beat, quam PadE, «habebit

permutando A ad D maie.
rem,quam Bad E. Eteadem
» gatione’B ad E maiorem,
; quam €2d Foergo-A-2d D
paiosém Raber quam Cad
F, & perniutando Aad C'ma
iorem habebit , qua Dad F.
Quod oportchat demoafira-

‘Quod fi prima priorum ad
.feeundam’ minorem- habeat
roportionem , quam primi
';oﬁpe:iorun ad -fecundam ¢
fecunda vero priorum adter
tiam minorem habeat;quam
fecunda pofteriorum ad ter-
tiam. Similitet demonfira=

bithr etiash ex xquali primam priorum ad ters
tiam minerem proportionem habere,quam pri«
mam peficsiorumad ertiam .- o

e,




EVCLIDIS
- ELEMENTVM
. SEXTVM.

- Defisitiones,

1 Tmiles figurz re@ilinex funt, quz -
i : S“ M fingulos angulos ¢quales habent,&
. >

! latcr::)ﬁ; aquiles angulos pro-
portionsifa . Cwigfmods fune gropef.
*”i‘"gﬁ‘l AB C’Q _é.t‘."vf B
2 Reciproczfiguriefune , quando in vtraque
figura antgeedentes ,i & confequentes rationes.
Tunt. ¥ propef.j 4. funFigure s DB E,BEC Giin
quibns antecedentés funtD B;C B, -'raft‘]umnx BE,
BF.2rpropef v5.sviangnla ABCs A DE.in qtgilng\l
dnsecedenses fiineC Ay A Ficonfequentss 4D, A K,
- -3 Extremd ac media‘ ratione:linea re&a fe~
cari dicitur, quindo eft vt tota ad taiorém por-
tioaem , itz MAior portio ad minotem - He: foe
&io demonfPrisaefi prip. 1idib, 2 inguie Snka' A B in-
H extrema ac mediavasione e s of8 Yeilqite Givelin
* A B ad maiorems porsionem A H ita maior ad mins=
vein BH.demonfivabitur esiam ib,6., ﬁ.p.;o. R
. 4 Alutudo cuinfquereiline® figurz eft pere
pendicularis;que d yedtice ad bafim dueituy. 7
mfmitrmngudom AUBABD, AP Lyui-
sipsda efipevpendicwlaris A.C. A
¢ Rraportio ex proportionibus componi di=-
€itr,quando propostiQnim quantitites i:’t:;«gi

o
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multiplicate , aliquam efficjunt propostionem .
V't ex propyrsbone duple & sripla ciponisuy fexsupla s
nam denominasor duple 1. dullliis in demsm:naseron
sripla 3. facis B, fans auiem 1pp deneminalorss quansie
sases propaviionmm. ‘ ’

. P;c;pof. 1. TheotirS
Triangula o5 pavallelogramma candem be-
bemtia altisndinemsinter fe [unt vt bafes,

AR A BRI/ A7 /2 1 3% A . g o e

TR T S~ o L -

Tt crigngula A BC.A C D, parallelograme’
S. méﬁ%‘;,QFh.abenti;-.ﬂ;isudmcmmgdem,'
peipendiculazem nempe. ex A in B D duGam .
Dico.eflle (& iriangulum A BC, adriangulum
A C D& parallelogrammum & C,ad paralielo=
grammum C F,vt eft balis BC,ad bafim C D,
Producagur enim B D vrrinque in H,, L, fintque

-baiBC zgu,ales B G,G H; bafi verd C D guacm

canque D KK L, & iungancur AG,A HAK,A
L..Cumqu; BC.B G,GH equales firt. s erune
" &triagngda. AG H, A GB,A.B C 2qualia,

3b5 Quam mulerplex ergo eft bafis H C bafeos BC,

t2;0 muleiplex <ot triangulum -A H:C :ria‘niuli
AB C. Bedenvde caula qua multiplexeit L ©
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bafisipfizs C D, tam multiplex oft triangulum
AL Ctrianguli ACD.Eefibafis HC,bati CL
. zqualis fit; erit & criangulum A H C; triangulp

‘A CLzquale; Etfifuperet H C,ipfam CL,fu-
perabit & sridgulum A HC, triangulum ACL,
& fiminor, minus . Cum ergo quatuor fint mae
gnitudines,duz bafes B C,C D;& duo trianguls
ABG, A CD;acceptaq; fintbafeos quidem B
C, & rrianguli A B C zque mulciplicia’y bafis H
C, & triangulum AH C. Bafees verd CD, &
trianguli A C D, alia vecunque ,nempe bafis €
L;& triangulum A L C: demonfiratumq; ficR
H Cexcedat CL,& A H Cexcedere AL C; & b dof.
h :tquilis’,zj!nle;& fi mincr,minus; b erit vt ba *
£s B Cad bafiin C D; ita eriangulum ABC,ad c" 1.
sriangulum A CD.- Et cum trianguli AB Ce¢ ’: ‘P;
duplum fit parallelogrammum E C; trianguli ve d‘ g
£d A C Dduplum parallelogrammum F C, & ¢ " o
partes eedem mode multiplicium éandem ha- 5. 5
beantproportionem, erit vetriangulam ABC . ..
ad triangulum’ A C D; ita paraliclogrammum -~
BC,ad parillelogrammum F C. Bt quia demone
fracim eft , fle vt bafim B Cdd bahim C D] ica
eriangulum A B C adtrianglum'A CD. Vevee
ro ABCadACD;itaE Cad CF;eeritvibae eprop;
fis B C ad bafim C D; ita parallelegrammum & 11,4,
Cad parallelogrammum CF, triangula ergo & .
x:al elogramma, &c. Quod opsttaiedemons

'e. . ' i . .. ” N .

P

e o Pro.
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. ‘pPropof. 3. Theor. 2, :
$i wni laberums srianguli pavaliclaveida du-~
- 82 fucris, proportionaliter [ecabit triqn-
gulilatera, Etfi triangult lstera pro-
portionalicer [eCda fuerint > vella [ciFio~
wes coningens » velique laseri parallela
. "no»z o
) [ESP IO P v !
’ AteriB C trife
SR guliABCdu-
&a fitparallela DB,
Dicoeffe, v BDad
.. .. Dh;itaCEadEA,
1. - Duftis enim. BE, G
_i D a erit triagngulum
-~ BDE 33;::1:_ triane
. gulo CPf;; habeng
.. - emim. eandem bafim
c oot .. DE,&ntinijdem
parallelis DE,B €. Aliud autem triangulum eft
® prop. A D-B.b, Avqualia autem ad idé eandem habent,
#r.5s - proportionem:eric erga ve B D E triangulum ad
" ADE; ira, CDB triangulym ad idem ADB
corep CFiznguluma..c Sedyt B D Ead ADE; ira et B
s ’;' ’ D.ad D A.cum enim in. eadem. finc algisudine,
e }:lam perpendicularisex E in' A B du®a ofiens
it,inter fe erunt vt bafes. Ob eandem caufam,
vteftcriangulum € DEEad ADE;jitaet CEad.
dorep EA:dvtergo BDadDA; iacht CE ad EA,
'f ” Sint iam trianguli A B Clatera AB, A C pro=
7" portionaliter (e@4, fitq; ve BD 2d DA, i5a C :‘

LR
P AT
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adE A. Du&aergo DE,dicoillamipfi B C pa-
ralellam efle, ijfdem enim conftruétis , cum Gt ve R :
BDadDA,itaCE adEA; ¢ atquive B Dad IP;&.
D Ajitaeft triangulum BDE ad triangulum A 7™
DE. Etvi CEad EA; ita triangulum CD Ead
idem A D E; fvtergotriigulum B D Ead trian- f prep,
gulum A D E, fc triangelum € DE, ad 11. %,
triangulum A D E. vtrumque ergo trian- e
gulorum BD E, C DE, ad triangulum A
D E g eandem habet proportionem, zqualia er~ g prop.
go funt, funtq; in eadem bafi D E. hattriangula & §. - ‘
zqualia eandem habentia bafim, in ijidem funt hprep.
parallelis,ergo D E parallelaeftipfiB C. Sier. 40. 1.
go vai laseri, &c.. Quod oportuit démentteare .

Proﬁo[. 3..Theor. ; .

Si trianguli angulus bifecetnr,veélag; angu-
lum [ecanssfeces & bafim;,habebuns bafis
| parsescandem proporsionem , quamveli- <
- qua trianguli latera . Bt fi bafis partes .
eandem babeant proporsionenss guam e~
~ ligwatvianguli latera, que d vertice ad
bafim ducitur vedta linea,triapfuli angn-
luus bifecabic. ' '

ESto triangulum ABC, & angulus BAC
bifeceturre@ti A D. Dico effe,vt B Dad

DC,ita B Aad AC, Ducatur CE per C,paral-
lelaDA,cuiBA produ@a in E occurrac.Ec quia a prop.
in parallelas A D,E C re@a A Cincidit, g erunt 29. -
C e M angue
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anguli ACE,C ADxqualesfed CAD,BAD
b «x,3, PoORURtUr Zquales; beruncergo & BAD, ACE
*"“aquales . Rurfus cum in parallelas A D, E C in-
¢ f"P cidat B E, ¢ erit angulus externus B A D, zqualis
" interno A B C; oftenfus eft autem & A CEipfi

:,‘; I B AD zqualis: deritergo &

eprop. E A CE zqualis ipfi AEC. ¢

6.1, vnde & latera AE,A C zqua~-
VU0 lia erunt. Et quia trianguli
e B CE lateri E C du&ta eft pa-
£prop, . rallela AD; ferit veBDad

2.6 DC;itaB A ad AE;eftautem

2P o . AEiph AC zqualis: geft er-
7.5. B D C govtPBDaquCitagBA ad
AC. Sedefloiam vt BD ad D C; itaBA
ad AC,iun&ag; it AD. Dicoangulum BAC
hoawi bifecari re@d A D:ijfdem enim conftru&is, cum
57 ftveBDadD C;itaBA2dACth&viBDad
*“* DG;itaB A ad AE (eft enim lateri E Ctriangu
) 1iB CE du@aparallela AD)eritve BAadAC
iprop, ita B A ad AE; i zqualisergocft ACipfiAE.
9.5- & Quare&angulos AE C angulo A CE ®qua-
Kprop. liserit, } fed A E C externo B A Deft zqualis ;
6.1. m& ACE alterno CAD;erit ergo & BAD
Lprop. 22qualisipfi C AD:ergo BA C reéti A D bife-
9- 1. catur.Si ergo trianguli angulus,&c. Quod oper-
-m prop tujt demonfirare. ‘

29.1,
Propol. 4. Theor. 4.
Aequiangulorsm trianguloiwm lateracir-

ta aguales angulos proportionaliafunt ;
Et latera equalibus angulis fubtenfasho-

- moloja, fikceinfdem rationis, ~
‘ S Sinc



-LTBER VI 179

Inttriangula A BC,D CE #quiangula , -
quales habentia angulos ABC, DCE, &
' ACB,DEC, &
® BAC,CDE.Di-
co latera circa =<
‘ quales angulos ef-
{e proportionalia;

& latera mqualie
: ; bus angulis fubten
B € E fa,homologa.Cé-

H ponantur enim B
C,CEindire&um. EtcumanguliABC,ACB
duobus re&is minores fint , fit aurem angulus D
E C angulo A CB 2qualis, erunt & ABE, DE 3 def.
C duobus retis minores « cGcurrent ergoB A, 1r.1.,
- ED produttz . Concurrant in Ficuingue ang'u- b prop.

1iDCE, ABCxqualesfint, beruntred2 BF, 18,1,
C D parallele . Rurfuscum anguliACB,DE ¢ prop.
Caqualesfint, ¢ erunt & AC, FE parallele, 18.1.
ideoque F A C D parallelograminum ell; 4 erit- ¢ prop.
que F A ®qualisipf CD;& ACiph FD; & cum 30. 1,
.ad laws FE wianguli F BEdu@a firparallela A ¢ prop,
C,eemtvtBAadAF; itaBCadCEj-eft au- 2, 6.
tem A F 2qualis ipil C D; vt fergo BA ad CD; fprop.
ita BCad CE; &g permutando,ve ABadBC; 7 5.
ita D Cad CE. Rurfus cum C D, BF parallelz g prop.
fint, hericyt BCad CE; ita F Dad D E. Eftau- 16. g+
tem D F zqualis AC. Vesergo BCad CE;jita hprop.
A CadE Dk etgo permntando,vt BCad C A; 3. 6.
ita C Ead E D. Cum ergo demonftratum fic, el~ i prop.
fevt ABadB.C;itaD &) adCE. Vxver6BC 7 5.
8d C Ajita CEad E Dseritex/zqualive B A ad K prop.
A C; 82 C D ad D E, zquiangulorum erge , &c, 16.5.
Quod oportuit demonftrare. | 1prop.
; M 2 - Pro= 22.5.
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Propol.s.Theor.s.

Sidwo triangula latera proportionalia Ba~
bucrint, equiangula erumt > babebuutque
angules; quibus bomaloga latera fubten-

- duwturs aquales, .

g G .
HAbeant triangula A B C; D E F latera pro-
A portionalia,nempe,vt ABad BC;ita D
EadEF. BtvtBCadC A;itaEF ad FD: atq;
vtBAad AC,itaEDad DF. Dico triangula
A B C,D E F zquiangula efle, zqualefque habe-
re angulos , quibus homologa latesa fubtendun-
tur ,vnde 2quales erunt anguli ABC,DEF; &
”. BCA,EFD; &B AC;EDF.«Conftituantur
22. 3. cnimad pun&2E,F reRe EFanguiFEG,EF
6 #quales-angulis AB C,B CA erunt ergo &
. reliqui B AC, E G F zquales : triangula ergo A
byrep. B C,E G Ffunt 2quiangula: b habencigitur la~
4. 6. tera circa gquales angulos proportionalia;erie-
. que latera zqualibus angulis fubten{a, homolo-
ga. ErgovtABadBG; itaEGadEF Sedve
cprop. ABad B C;ita ponitur; DE adfE F:'e wtigitur
11.5. PEAdEF; iaGRad BF. Veraque ergol)GE,
: _ > B B

I

>
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G Ead E‘F candem habet proportionem; @ 2- d
qualesigitur/funt D E,G E. Eadem de caufa D F, 9. 5.
GF zquales erunt . Cum igitur DE,EG 2qua~
Jes fint,communis E F: erunt duz D E, E F, dua-
bus G E,E F zquales;& bafis D Fbafi G F gqua-
ks ; e eritergo angulas DYF angulo GEF 2- SPropt-

»

‘qualis 3 & triangulum ) E Frriangulo GEF2- -1

quale; & reliqui anguli, reliquis, quibiseequalia
latera fubtenduntur :“anguliergo DFE, GFE
funt zquales; itemyE D F, E G F: & cum angulus

- FED 2zqualis ficangulo GEF; & GEF iph A

B C;ferit& A BCipfiF ED 2qualis. Eadem fax.1.
de caufa erit angulo A CB zqualis angulus D

F'E; & angulus ad Aangulo ad D.triangula er-

g6 ABC,DEF 2quiangula funt. Siergodue
eriangula,&c. Quod opertuit demonfirare, -

Si duo trigngula wuum angulum wni aque~

lems & circa £quales angulos latera pro-

_portionalia babuerint, equiaugula eruuss

. babebuntque angulos,quos honseloga la-
terafubsendunt>aguales. :

 Ine duo triangula ABC, DBF, angulos B
A C,E DF habentia zquales,& circa ipfos
latera proportionalia,ve B Aad A Cs it B Drad
DF. Dicotriangula AB C, DE Fefle zquian~
gula, adeoque angulum A B Cangulo DEF; &-
A CPjpfi D FB,xqualem habere. Conﬁxpﬂ- & prop.
tur cmim ad puaita D, F re@z D Falecrutrian- 231+
- M 3 gu10.~~



182 LIBER VL .
gulorumB A C, EDF zqualis FD G; angulo
verd A C B gqualis D F G: erit igitur & reliquus
- . .ad B, reli~

: . quoadGe=

D .qualis b tri<

b. propy ' - angula - er-
.. . A - go A B C,
Y 4 W S D GF funt

Y ; gquiangula.

F: . ... Elt ergovt
- BA adAC;

ita G D ad

. D F: poni-
o ) . tur autd vt
BAadAC,itaEDadDF;ergovtEDadD F;

CPP itact GDad D Fyczqualisergo et EDipiG
9:5- D, communis DF. Duzergo E D, D F, duabus
¢+ G D,D F funt 2quales, & angulus E D F angulo

d prop. G D Fxqualis ; d eritergo , & bafisEFbafiG F
8. 5. =xqualis, & triangulum D E F triangulos G D F:,
quace celiquianguli reliquis. equales erant , al«
teralteri, quibus ®qualia latera (ubtenduncur.
Angulus ergo D F'G zqualis -eit angulo DFE;

& qui ad G illi,quiad E. Sed DF G mqualiseft

e ax.1. ACBangulo; ¢crgo & AC Biphi D FE 2qua-
lis enit;ponutur autem & B A Cipfi ED F gqua-

lis: reliquus ergo ad B equalis ericreliquo ad

triangula ergo AB C,D EF ®quiangula fuut ,
Sicrgo duo triangula, &c. Quod oportut de -
wmoajtrare, B : ' _

oo

e SADERY

i D Pro-



LIBER VL ' 183

" Propof.7. Theor,7. |
Si duo triangula wnum angulum »1iangu- -
- lo equalem; & circa alios anguloslaters
. proportiopalia babuerint; religuorum ve
~rO WETURGUE > ANt MINOTEMS 5 AUE OB Mi~
" morem reflo> aquiangula erunt triangu-
. la;cr angulos, circa quos latera funt pro-
porsionalia, aquales babebant ..

, - CIng duo triangus - -
A D -.)1a ABC, DR
N . + ~ -F,habentiaangulos . -
W BAGEDFrqua- ;.-
. 23 less circa alios vero
- aygules ABC, DB
. F latera proportip-
© nalia. VteAB adB
. . Ly itaDEadEF.re
liquorum verd angulori quiad C, & F, primum
vertumque minorem redo:. DicoABC,DEF
. triangula , efle zquianguls ; angulumque ABC -+ -7
angulo D E F; & quieft ad G, illi qui eftiad F 2=
qualem .:-Quod fianguli AB.C, DEF inzqua~ 2prep;
les fint ; eritvous major.. Sitmaiot ABC; & & 33,1+
conflituatur ad punGumBre&kz. A B angulus A
B G,2qualis angilo DEF. Etcunranguli A, D., ppep,
zquales fint 5 item A B G, DE F; b erunt & relis 3‘3‘ 1.
qui A G B,D F E 2quales.triangila ergo ABG, ™ -
DEF zquiangula funt ;eftergove A B,ad BG;
itaD Ead EF: fed vt DE ad EF; ita ponitur A ™%
Bad BC:ergove ABid BCjitaet ABad BG. 4-6+
: ’ M 4 dCum
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d prop. dCum ergo ABad
95 - vtramqué BC,B G
_A D eandem habeat pro-

portionem, erunt B

eprop, .‘ f ! C, B G zqules. ¢
g.1. . ergo & anguli BG
GE F C, B C G zquales

B C : erunt: At BC G i~

nor reto penitur ,

. erit ergo &B G C
F re&o minor: f quareangulus AG B ei detnceps
P maioreritreéto : oftenfus eft autem 2qualis an.
I3- 1+ gulo Feerit igitur & angulus F maior re&o; at mi
not ponitur, quod eft abfurdum: anguliergo A B

gror. C,D EF non funtinzquales : 2qualesergo . g
33. 1. funcverd & anguli A, D zquales:ergo & qui ad
C & F zquales erunt’. Quare triangula ABC,

D E Faquiangula erunt. Sicturfus vterque an-

gulus ad € & F non minor refto. Dito& e
triangula AB C, DE F ®quiangula effe , j jldetm

enim conftructis,oftendemusreGas BC,BG ef~

hprep.

. 1.

17.3: ABC,D EFinzquales funt: 2quales ergon

gula; &c. Quod oportuit demonfirare. -
doe ’ . R ’ )

Cw

’ Pfo- v

fe xquales , vt prius: kerons igitur & anguh C,’
BGC zquales. Cumergo C re&tonon firmr-
nor,ncc B G Cre&o minorerit., Sungergo tri-
anguli 8G C duoanguli non minores drobus .
igrep. redis,iquod ferinenpoteft, nonerga anéguli::
SEHTE L

vero & anguliad A & D ®quales; evantk igitur:

kprop, & reliquiad C & F qiales. . Quaretriangula A7

33. 1 B C,D E F funtatquiangula . $tergo duotrian.-

e

an

»

UL -

-y T
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Propof. 8. Theor. 8.

In veltangulo triangnlo fiab angulo ve&lo ad
bafim perpendicularis ducatur , qua ad
perpendicularens funt tviangula, & tosis
0/' inter fe fimilia funt,

A E Sto triangua
Ium re®an-
gulim AB C re-
, ) gun‘; habens B A
’ s ducaturque ab

v B DC AadBC p?-rpcn—
dicularis AD. Dieo triangula ABD,AD C.&
toti A B C, & interfe efle imilia’. Cumenim
angulus B A Cequalis ficanglo AD B; reQus

enim eft vrerque: & angulus ad B cémunis virig; .
triangulo A B C, AB D; « ctit & reliquus A C * colli-
Breliquo B A D xqualis: aquiangula ergo funt8'™" ¢ %
triangula,ABC,ABD.bEltergovt BCre&i 3 !
trianguli A B C fubtendens, ad B A re&um trix bprep,
anguli AB p fubtendentem ; ita ipfd A B angus 4 6.
Jum Cerianguli A B C fubtendens, ad B D fub=
tendentem angulum B A'D trianguli AB D.. Et
ita A Cad A'D fubrepdentem anguJum Bcom-
munem vtrivfque triangult. Triangula ergo A

B C, ABD =zquiangula funt, habentque fatera

circa xquales angulos proportionaliay ¢ fimilia ¢.dofy.

ergo funt triangula A BC, A BD. Eodem mo- 4,
do oflendemus triangulum A D C triangulo A
BC fimile cfle. Verumque ergo triangulum A
BD,ADCreti ABC fimileeft, Dicoquod &
L inter

B S P
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A mter fe fimilia

fint ABD,ADC

| triigula.Cil enim

© anguliBD A,AD

B n Cre@ifint, erunt

& equales: often-

deolli- s ot autem & BA D ipfi C 2qualis : d ergo &
LT X reliquus ad B, reliquo D A C-gqualis erit. Trian.
32- I. oylaergo AB D, A D C zquiangula funt. ¢ Eft

eprop

4.6.

ergo, vtBD fubtendens angulum B A D triangu
li ABD, ad D A fubtendentem angulum C tri-
anguli A D C 2qualem angulo B A D; ita ipfa A
D fubtendens trianguli A B D, angulumB, ad D
C fubtendentem angulvm D A C trianguliA'D
C zqualem angulo B; & itaB A ad A C fubten-
temreGum ADC. Trangulaergo ABD,AD
C fimilia funt. Siergo in triangulo re@angu-
lo, &c. Quod oportuit demonfrare. o

o

Covollavium, ;
X his manifeftuni eft,fi in triangulo re@an<

gulo ab angulo recto ad bafim perpendis
cularis ducarur , ipf:am.inter bafis partes mediam
proportionalemefle . Etinter bafim, & partem
bafis, medium proportionale efle latus , quod ad
ﬁrtem. Vs inter B CyB D medswus propeysionate, &

usB A, Imer BC,C Dy lassDC. '

. L

Pro;

~.
it
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Propof. 9. Prebl. 1.
- A datareidalinea imperatam partem:

’

anferre,
A Porteat i data reGa A B,
N imperatam partem aufer-

re.Sit auferenda pars tertia . Du- ~

F D catur ab A re@2a AC cuom A B
quemcumque angulum cétinens ;
B & accipiatur in A G quodcumgq;

AN

_punétum D, « pomanturq; ipfi A 2 prep,

B € D=zqualesDE,EC; ducatur C'B, 3. 1.
- beiq; per D parallela ducatur D b prop,
F.Cum ergo later1 B C trianguli AB C panal- 31. 1,
lela ficrdu&a D Ficerit vt CD ad D A; ta BF cprop,

adF A. Eftautem D C ipfius D A dupla; dupla
ergocft & BFipfius F A_tripla ergo eft B Aip-
fius AF, A data ergo redta AB imperata pars ,
. nimirumtertia AFablataeft. Quod oporwic
facere. - - ¢ - ‘

_ - Propof. 10. Brobl.2,
Datam vefdam lincam wf &am , date relle
. [ea fimiliter fecare. N

() Porssatdstam infe@am AB fimilicerfe- |

- care, vt fe@aeft A C, Sic ACinpun&is
*DyE feéta. Collocentur AB, A C vt angulim
quemcumque contineant , & ducatur C Bjatque
per D, Eagantur ipfi B C parallelz DF,EG; &
-per Diph A B ducatur parallcla DH K; & erig
. vtrum~

*

2.6,



188 LIBER VL

A vtrumque FH, HB parallelo-

aprop. grammum. & Sunt ergo tam D
34.1. ) H,F G;quam HK, G B 2quales
bprep. E p  &am ipiK Crrianguli DK C
2.6. G H \E' du&a fit parallela HE; & ericve
-cprop, CE ad ED; taKHad HD.c
34 1. l_ Eftautétam K Hipfi BG; quam
dprep. B K€ H Dipfi G F zqualis; eft érgo vt
s 6 CEadE D;itaBGadG F.Rar,

fus d cum lateri E G trianguli A G E du&a fir pa.
rallela ED, eritvtEDad D A; ita GFadFA:
oftenfum eft autem efle, ve CEadE B, ita BG
2dGF,eftergo vt CEad ED;ita BGad GF,
_vtveroEDad D AsitaGFadF A: dgu ergore
&Qainfeta AB fmiliter fe&a eft, vt {e&a A C.
Quiod oportuit facere. -

_ Propof. 11. Prebl. 3. _
Duabus redlis datis tevtiam proportionalcms
- - Inuenire, 2 .

IntdatzBA,AC, & po-
nitur vt angulum quem-
cumdue contineant. oportet
ergoipfis BA, A C tertiam
proportionalem inuenire .
Producantur AB, AC ac} D,
0. E pun&a; & eponatur ipfi A
;P;’ _ vCl;equalisB D; & ipfi l.’?Cb
borops Ty - dncatur parallela D E per .
31.1. E. Cumitaquelateri DE trian-
c prop. BuliADE dufa fivparallela BC; cericvi A B
2. 6. ad D B;ita AC.ad CE;gqualis eftautem B D ip-
RAC;cftergovi ABad AC; iaAC ac})C E.

- at1s

B

¢
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Datis ergo duabus A B, A C inuenta eft tertia
proportionalis C E. Quod oportuit facere .

Propof.12. P‘l'db;l.l..

Tribus datis reélis lineis quarsam propor-
. tiodaleminuenive.

o .x?:‘\\, ;'\d L

. . "Porteattyibus datrs

Ar—"" b/ redis A,B,C duan

p— B tam»yrogrtionalcm in-
C iy uenirt . Pkponantar ‘dus

re&z DE,DF continen~ :
tes angulum quemcunque
R EDPY: & « ponaturipzﬂ a prog
D xqualis re®a DG; ipfiB, 3-T-
re@a GE: & ipfi C re&ta
D H; batque ipfi G Haga. b prop.
tur parallela E F per E. 31.1.
G 2] Cum ergo lateri E Ftri-
_ \ anguli DEF du&a fitpa-
rallelaG H, ¢ eritvt DG c prog.
E "_""""’F adGE; ia PH ad HFE. , ¢,
‘ 4 Eft autem D G zqualis ip-
6AGEipfiB;0 HipA C;
eftergovt AadB;ita C ad HF. Tribus ergo
datis A, B, C inuenta eft quarta proportionalis
H F. Quod oportuit facere .-
. 2 SN :

FL

e PR

Pre-



Propof. ig. Probl. 5.
Duabus rellis datis mediam proporticwalem
inucwive,

Sy

B,B ¢ media pro-
pomomhs inuenien~
da . Ponantur in di-
re@um, defcrnbaturq,

A B c fuper A € femicircu-

2 lus A D C3a& ducatur
]{r? iB pungo, B D, xpf'
A cad :mgulot rs&os,mnéhs A D,DC.bEtquia

f’-" angulus A D € refus eft; quippe in fem:c:rculo »

ccorol, cltque in triangulo re&angulo ex angulo re&o
1.pro D ad bafim A ¢ perpendicularis ducta L B. cerit
86 f ’f B D-inter partes bifis' A B,B ¢, media proportio-
- nahs Duabus crgo,&c. Qlod oportuit facere ,

Propol' tio rg. Theor, 9.

* Aequalium, &7 ynum oniangulo aqualem

. babeatium parallclogrammorum s reci-

procs funt latera , gue civca equales an-

_ gulos . Esparallelogramma , gue yasm

voi angulum eqialens babent , & quo-

vum reciprocantur latera circa aquales
angulos,squalia funt .

Int parzllelooramma A B, B C2qualia, ha=

bentia angulos ad B xquales , pofitgque finc
bB

¢ ]

T duabus dacis A -
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D B,BE indire&um, aeruntergo & F B, BG ina Coll+
dire@um . Dicoparallelogrammorum A B, B C gicwr ex
lacera, qu circa zquales angulos ,eflerecipro-13.14,
ca. Hoceft, efle vt D Bad BE;itaG Bad BF. & 15,

R / 1.
A F A ¥
]
B E ToE\ T
GC cC

Perficiatur enim parallelogrammum F E.Et quia
A B,BC parallclogramma 2qualia {unt a?iud ,
autem quoddam ett, F Etberitvt ABad 1'35; ita b prop.
BCadidemFE.cfedvt ABad FE; itaet DB 7-5.
adBE;& vt BCad FEjitaet GBad BF. d Er. €frep.
go eft ve OB ad BE; ita G Bad BE. Parallelo- -6
grammorum ergo AB, B C e latera func reci- 4prope
proca.f Reciprocentur 1am latera , qua: circa 2- Tt.T1.
quales angulos ; fitque v DBad BE; itaGBad © def.
B F. Dico parallelogramma A B, BC zqualia 6- 2.
efle. Cumenim fitve D BadBE;itaG Bad BE. fdefl
gEtve DBad BE; ita ABadFE; atqueve GB 3-6.
adBF;itaBC ad F E:erit vi ABAdFE;ita BC 8 frop.
ad idem F E; h¢qualia ergo funt parallelogram-~ 1-6s
ma A B, B(. Equaliumerge ,& voum vni , &c. PP
Quod oportuic demonfirare. . | . 9 5.

T IVNT 17
6:.”'3} (YT )]

Pro-
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Propofitio 15. Theor. 10.
Atqualium triangulorum , & vaum angu-

" lum vni aqualem habentium , reciproca -
funt latera, qua civca equales angulos .
Estriangula,qua.v.um angulum wni « -
quslembabent s g quodum latera que
circa aquales dngulos , reciprocantur ,
[unt gqualia. '

Y Int triangu.

8 a . la A lgC,»
A D E zqualia,
habedtq; voum
angulim BAC,
viuD AE 2qua
lem. Dico la~-
rera, qu circa .

» gquales siitan-
gulos,recipro-

[ o

colli ¢ efle. Hoceft,efic,ve C Aad A Dy itaE Aad
a Lol A p.Ponantur emim € A,A D in dire@um;a erunc
LI X too & E A, AE in dire@um, & ducatur B D.
13-14 Cumigitur triangula A 8 C,A D E zqualiz fint,
< 15 fiquealiud ABD; beritvi CAE ad BAD;ita

.b. . ADEadidemBAD: ¢ fedve CAB ad BAD;,

PP jtaeft CAad AD. EtvtEA D ad BA Djitaelt
7-5- EAadAE: dErgoveCAadAD; itachEAad
€prope A B. Triangulorsmergo A 8C, A DE latera ,
"' *  quacirca zquales angulos, reciprocantur. Sed
€ PP+ reciproca fint iam latera criangulorum A B C, 4
115 DE, BEtficve ¢ A2d £D; taBAad 4B, Pico

trian~




[

- &angulum A B,& F contentum,gg:le efle con- 1y 'y,
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triangula ABC, A DE efle 2qualia.’ Jun&a
rurfus BD,eritvt CAad AD; ita EAad A B,
efedve CAad AD; ita eft triangulum ABC ep;’.
ad triangulum BAD; vtverdE A ad A B; ita 5. &
triangulum E A Dadtriangulum BA D, Vier-
0ABCadBAD; itact EADadidemBA
:vsrumqueergo ABC, EADad B ADean-

 dem haber proportionem:fgquale ergo eft trian f prop,

gulum A B C, wriangulo EA D, Zqualiumer- g. §,

go triangulorum , &c. Quod oportuit demon-
itrare.

Propofitio 16. Theor. 11.
Si quatuor relle linee proporsionales fug-
_rintyerit quod extremis continetur ve-
Gtangulum > aquale illi quod medifs con-
tinetur vellangulo. Et fi velangulum
extremis contentum s aquale fubric me-
difs contento reciangulo ; quatuor jlia li-

neg proportioaql;: erums ,

C
E'—1 ™ '
P R

€ D

S Int quatuor re@x A B, € D,E,F propo!ib?
nales,vt AB adC D;itaEadF. Dicore~ .
tento C D,& E. # Ducantur  pun&is A,Cad re-

N &as



b prep.
14.6.

' E vE'

oprop.
14, 6.

d prop.
4. 8,

L 2
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&as A B,C Dadangulosreos AG, C H; fird;

ipfi F gqualis A G:& ipfi E,ipfa C H,complean-

turque paralielogramma B G,DH. Etquiaecft,

vyt ABid CD;itaEadF, &eflEipiCH; & F
. ipfi'A G 2qualis, erit vt ABad C D; ita C H ad

A G:bparallelogrammorum ergo BG, D H la-

_ -sera,qua circa zquales angulos funt,reciprocan

R

Fl——-l

A B

< D

tur: ¢ qlllorum autem parallelogrammorum 2-
quiangulorum latera reciprocantur, illa 2qua-
ha func:parallelogramma ergo B G, D H zqua-
lia funt . Eceft BG, gnod A B, & F continetur ,
(eftenim A G ipfi F 2qualis) DH,quod CD &
E cétinetur(eft enim C H ipfi E 2qualis.) Quod
ergo A B, & F continetur, zquale eft éi, quod C
D & E continetur reGtangulo . Sit iam quod A
B,& F continetur,zquale eiquod C-D & E con-
tinetur .- Dico quatuor re&as efle proportiena-
les. vVt ABad CD;itaEadF. ijfdem confiru-
&is , cum quod A B, F continetur , 2zquale fitei’
quod'C D,E centinetur,fitque B G id quod A B,
& Feontinetur ( ef enim A G ipfi F zqualis) D
H vero ,quod C D, & E continetur ( eft enim &
-C H ipfi B 2qualis) erit BGipi D H 2quale:&
-fimt xquiangula . d Aqualium autem & zqui-

’

angulorum. ‘paralielogrammorum.. latera’, que -

arca zquales angulos;teciproea funt : Briergo
S o - ve
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vyt ABad C DsitaE ad F. Si ergo quatuor re&ip
linex,&c. Quod oporntuic demonflrage, - /. .

- -Propof. 17. Theor. 12.
Si tres vella linca proporsionalés fuevint’;,
evit quod extrexnis continetur reitangu-~
lum 5 #quale quadrato quod fit d media .
‘Et i -quod extremis continetnr rellin-
guinm aquale fuerit' quadrato quod -4
- media fits crunt tves linea illa proportio- - .
:W“. - I ST
. Int tres re
A i YaBC prop&o::
' ‘tionales,vtA ad B;
D i B.ad C. ‘Di;_o
1 - C-.. quod A, C cobtir

netur zequale: efle

B - ...9_-. ei quod gx B. Po-

’ © 7 naeur D zqualisip

' . s . fiB. Evcum fic.ve
_ . AadB;itaBadC;

A “ fitveroip B zqua

= v lis Dyerit vt Aad

B;ita Dad €, «Cum autem quatuor re@x pro- 2 prop.
~ portionales funt, elt quod extremis contipetur 16. 6.
“re&angulum , zquale eiquod medijs continenir |

refangulo . Quod ergo A & Ccontinesur , 2~

qualeeft ei quod B, D contintetur 3 at quod B, D

continetur zquale eft ¢i qiodex- B; eft enim D

ipfi B 2qualis ; Ergoqued A, C.continetur, -

quale eft ¢i quod ex B quadrato. Sit.iamiqaod

N N “ . A, C -
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A, C continetur,gquale ei,quod ex B. Dice effe,
vtAad B; jtaBad C. ijfdem enim conftru&tis,
' ci quod A, C con-

. . . tinetur zquale fit

et * - A giquod ex B; &
b B quodex B, zquale
) +#——1 ¢tiquod B, D'con-
G . tinetur,quod B, D

B . : "’i;'—' zquales fines erit

_ . . s— quod A,C contine

Y " tur, zquale ei quod

b prop. : 1, . B, D continetur. b

16. 6. quido autem ‘quod
: A extremis contine- -

.. R tur , zquale eft ei
qued continetur medijs , funt quatuor illz lineg
proportionales .Eft igitur vt A ad Bjita Dad C:
zqualis autem eft DipfiB: ergovt Aad B; ita
eft Bad C. Si ergotres linex,&c. Quod opor~
tuit demontrare . Co ‘ ’

Propof. 18. Probl. 6.
Swper data relialinea dato veclilineo fimile
" fimiliterque pofitsm velilineum
_  deferibere . '

: O.Portcz; fuper data AB dato reilinee C
a prop. B fimile fimiliterque pofitum redilineum -
23. 1, deferibere . Ducatur DF, & & confticuantur ad
2 pun&@a A, BreQz A Banguli GAB, ABG a-
guales angulis C,C D F;eritque reliquus CFD
b prop. reliquo A G B zqualis:triangula igicur F CD,
46 GABfuat @quianguls.b Eft ergo , vt FD2d G
IR . . ' B;ita
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B;itaF Cad G A; & CD ad AB.c Conftituan- c. prop
tur rurfus ad pun&a B, G reétz ' BG anguliBG 33+ 1.

G . _H

H,G B H zquales angulis DFE, F DE; eritque
refiquus E reliquo H zqualis : triangvla ergoF
DE,GB H zquiangula funt 3 d eft igitur ve ED dprep
2dGB; itaFE,G H; & EDad H B. Oftenfum 4- &
autemeft yeffe iFDad GB;itaFCadG A, &

CDad ABs e igiturviF Cad AG; itaef CD € prop.
ad AB; & FEadG H; itemque EDad HB. Et 4y, ¢,
cam angulus CF D 2qualis fitangulo A GB:i & .
DFEiph BGH: erittorys CFE toti AGH 7
zqualis . Eadem de caufa eric-angulus CDE

zqualis angulo ABH. Eftverd & angulus C

angulo A; EtangulusBangulo H zqualis: 2-.
quiangula ergo funt A H; € E,habentque latera

circa zquales angulos proportionalia’. fER igi-: £ def.
tur A H re&ilineum fimile fimiliterque pofium g, .
re&ilineo C E. Super data ergo reta linea,&c, ..

Quiod oportuit facere .

 FRgn

- N 3 Pro-
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. - - Propof.19. Theor.13. .

Similia triangula inser fe funt in dupla pro-
portione fuorum laterum .

Int ABC,
D DEF tria
iula,,;ﬁmiha s
abentia an-
gulos B,E -
quales; fitque
E E vwaABadB
C;ita D] Ead
' Lo EF, vt latera
B ¢ C BC,E F fint
. - homologa.
Dicotriangulum A B C ad triangulum DEF-
) duplam habere proportionem eius , quam habet
a'prop. BCadEF. « Sumatur ‘enim ipfarum B C, EF
" 14, 6. tertia praportiohalis B G; vt fit quemodo B C
adEF; ita EF-ad BG; ducaurque GA. Cum.
b &f. igitur it vi A Bad BC; itaDE ad EF; b erit
10, ¢ permutandovt A:Bad DE;ita R Cad EF,fed ve
. 5. BCadEF;itacltEFad BG: ergovt ABadD
© Ejitaeft EF ad B-G: Triangulorum ergo ABGy -
- D EFlateracirca zquales angulos teciprocan=
tur. Quorum autem trianguiorum vnumangu-
lum vni zqualem habentium latera circa ®qua-
les angulos reciprocantur , illa aqualia funt: ¢
€ prop. triangula ergo DE F, AB G aqualia funt. Et
15.6. quiaeft vi BCad E F;ita E Fad BG; quando an
d def. temtres linex proportionales funt , d prima ad
0.4, tertiam duplam propértionem habere dicitur
’ s

A

-
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eius , quam habet ad fecundam . B Cergo habes
ad B G duplam proportionem eius, quam habec |
" adEF. Vtvero B C ad B G;e ita ft triangulum
A BCaduiangulum A BG: habecergo trian- ©prop.
gulum AB C ad trianiulum_A BG duplampro I.6.
portionem eius,quam haber B CadEF, Eft au-
tem triangulum AB G zqualetriangulo DE F:
habetergo triangulum A B C ad triangulum D
E F duplam proportionem eius , quam habet B
CadEF. Similia ergo triangula , &c. -Quod
oportuit demonftrare. .

' ‘ Corollarium, : |

E X his manifeftum eﬁ',iﬁ tres linex propors
-tionales fuerint; efle;ve primi ad tertiam,
ita triangulum fuper prima defcriptum ad crian-
gulum fuper fecunda fimile fimiliterq; deferiptd..
Oftenfumeftenim, veeft CB ad BG: itaefle.
triangulum A B C ad trifgulum A B G, hoc eft,
* ad triangulum DEF. Quod oportuit demow
ftrare, :
Propof. 20. Theor.14.
Similiapolygona in fimilia triangula dini-
duntur; & numero equalias & omolo-
gatotis ; & polygonum ad polygonum
duplam babet proportionem eins > quans .
babet latus bomologwm ad latus bomo~

logum

\ s Int fimilia pé’lygéna ABCDB, FGHK
<o

L,& fitlats A B homelogum r;’pﬁ FG.Di- -
‘ ‘ ' 4
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co polygona ABCDE, FGHK L in fimilia
. wriangula dinidi,& numero 2qualiz,& homolo-

gatotis: & polygonum AB C DEad polygo-

num F G H K L duplicatam habere proporcro-

A F
pk

K H

D <

némejus , quam habet AB ad F G. Tufigantur

¢ enim BE,E C,GL,L H; & quia polygonum A
BCDE fimile eft polygono FGH K L; erit
angulus B A E zqualis anguloGFL; & eft, vt
BAad AEjitaGFad FL. Cumitaque duo fint
trifigula ABE, FG L,vhum angulum vni zqua-

lem, & circa 2quales angulos latera proporsio=

aprop. palia habentia ,« erunc ipfa zquiangula,idecq;
6 6. & fimilia: zqualis eft ergo angnlus A B E angulo
F G Left verd & totus AB Ctoti F G H gqua-

" b ax.3. lis, propter fimilitudinem polygonorum ; b reli~
quus ejgo EBG, reliquo L G H zqualis erit,

Et quia propter fimilitudinem triangulorust A
BE,FGL et ,vtEKadBA; ita LG2dGF,

Sed & propter fimilitudinem polygenorum, eft
PP vt ABadBC;itaFGad G H: cexzquali ergo-
225 eft, vtEBad BC; ita L G ad G H; latera ergo

circa
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circa zquales angulos EB C, L G H, funt pro-.
portionalia; 2quiangula d ergo func triangula E.
B C,LGH; quare & fimilia. Eadem de caufa
fimilia func triangula ECD, L HK: Similia

_, ergopolygena ABCDE,FGHK Lin fimilia

d prop.
6. 6.

triangula , & zqualia numero diwtfa funt. Dico?

& hemologa efle totis, hoc eft, proportionalia,
& antecedentia quidem ABE, EBC, ECD;
ConfequentiaveréipforumFGL,LGH, L H
K; atque pelygonum A B C D E ad polygonum
FG HK L duplam habere proportionem cius,
quam h.bet latus homologum A B ad latus ho-
mologum FG. Tungantur enim A C,F H. Et
quia proprer fimilitudinem polygonorum , funt
anguli ABC, FG Haxquales; eftquevtc ABad
B C;ita FG ad G H;e gquiangula er§o funttrid=
gula A B C, FG H: 2quiles igitur funttam an~
guliB AC,GF H,quamBC A,GHF. E:Euia:
anguli BAM, GF N zquales fant joftenfique
M &ABM,FGN tequales; erunt & reliqui
. AMB,F NG zquales ; funtergo triangulza A B
M; FG N zquian gula. Similiter oftendenins
_ &triangula BM C, G N H efle zquiangula, Ef
ergovtAMadMB; iaFNad N G. EcviBM
2dM C;itaG Nad N H; exf zqualiergo efd vt
AMadMCsitaFNad NHig fedve AMadM
C; ita efteriangnlumt A BM ad triangulom M B
C; &AMEadEMC; funt enim ad fe inuicem
vtbafes 3 & b vt vaum antecedentium , ad vnum
confequentium ; ita omnia antecedentia ad om-
nia confequentia. Vt ergo triangulum AMB
adBM Cjitatriangult ABRad CBE:i fedvt
AMBadBMGC;itaet AMad M €; Veergo
AMadMC; ita iangulum ABE ad E ? C.
Eadem

eprop.
6.6,

£ prop.
22, 5.
gprop-
f. 6.
hprop. -
‘s, §.

i preg.
x. 6.



202 LIBER VIL
Eademde caufa ,eft ve F N ad N H; ita triangu-
kmFGLadGLH. Etetvt AMad M C;ita

-

FNad N H; Vt ergo triangulum ABEadBE
kprop. C;itatriangulum FGLadGHL; k & permu~
16 5" tando, vt ABEadFG L;in EBCadGLH.

$imilreer demonfirabimus du@is B D, GK. Efle

vttriangulum BECad LG H;ita ECD adL

HK:&quiaeft,yt ABEadFGL;itag BCad
Iprep. LGH; & ECDadL H K:{ eritvt vnumante~

12. 5. cedentiumad voum confequéntium ; ita omnia-

- antecedentia ad omnia confequentia ;: eft ergo
witABEa’FGL;iaABCDEadFGHKL:

fed1t ABE ad F G L duplam proportionem ha- -

l,pwg bet ews,quam A B latus hemologum ad F G la«
m9'm'- tus homologum m Similia enim triangula in
' P 6£-‘dupla proportiore funt laterum homologorum:
9+® habet "fo &ABCDE polygonumad FGH
K L polygonum duplam proportionem eius,

- quam habet A Bad FG. Similia ergo polygo~

. na , &c. Quod oportuit demonftrare . Eodem
modo in fimilibus quadrilateris oflendetur in

o dupla

- |
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dupla illa efle proportione laterum homologo-

rum. & Oftenfum eft autem & in wriangulis. prop.
. 19.6.
Corollarium ' 1. g

: Niuerse ergo fimiles re-
A - &ilinex figure ad fein=
F uicem funt in dupla proportio-
® ne laterum homologorum; & fi
ipfarum A B, F G tertiam pro-
T portionalem fimamus X, b ha- b déf,
. - bebit ABad X duplam propor 10.5.
. BG tionem eius, quam haber ad F
G. Habetautem & polygonum
ad polygonum, & quadrilatersm ad quadrilates
rum duplam proportionem eius,quam habet ho'
mologum latus ad homologum , hoceft: ABad ¢ cor,
FG. ¢ Oftenfum eft autem hoc intriangulis i - prop,
T R 2 >
© Covollavium I1f, = - : .
V Niuers@ ergo manifeftum eft ; fi tres fués
¥V rintre@a,efie ve prima eft ad tertiamietd  Corol,
figuram & prima defcriptam, ad figuram 4-fecun- - prep
da fimiliter deferiptam . Quod oportuit “de- -19- 6.
monftrare . : ¢
Oftendemus etiam aliter,8& expeditius trian=
gulaeflchomologa . Exponantur rurfus poly-
gonaABCDE,FGHKL, ducanturque BE,
EC,GL,LH. Dicoefle vreriangulum A RE,
ad tridngulum FGL;itaEBC ad LGH; &€
DEadHK L. Cum enimtriangula ABE,FG

L fimilia fint, 4 habebit A BEad FG L duplam 277P

ERadem

proportionem cius, qua habetlasus BE2d G L. 9 6

%, PR
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Eadem de caufa habebit triangulum BE Cad G
L H duplam proportionem eius , quam habet B

K ™K

BadGL. Eftergovt ABREad FGL;itaEBC
2dGLH. Ruifus cumeriangula EBC,L GH
fimilia fint ; habebit EB.C ad L G H duplam
proportionen: ¢ius , quam habet CE re@a ad

- HL. Eadem de eanla habet triangulum E C D

. ad L HK duplam proportiouem eius, quam ha-

bet CEad H L. Eftergovi BECadLGH;

ita CE DadL HK. Oftenfum autemeft , efle,

~ vtEBCadLGH;itaABEadFGL; etgove

. ABEadFGL; itaeilBECadGLH; & EC
bprop. Dad L HK, b vt erge vnum antecedentium ad
12. §. ynum confequentium ; ita omnia antecedentia
ad omnia confequentia 3 & reliqua vt in priosi
demonflratione . Quod oportuit demonftrare .

‘ Propof.23. Theor. 15.
Qua cidems veclilineo fumt fimilia, & inter
. fefunmt fimilia.
TN S It vtrumqaeire&ilineérum A,BipﬁCﬁ;ni-
le. Dico & A ipfiBfimile efle. Cum Aeqir;
p
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- A ipfiC fit imile , erit & 2quiangulum illi , ha- .

bebitdue Jatera circa ®quales angulos propot-
tionalia . Rurfus cum B fimile ficipfi C, zqui~
' angulum illi

. erit , habe-
/ . bitdue circa
ﬁ _ zquales ane

gulos latera
proportiona
, lia: Verumg;
ergo ipforum A, B zquiapgulum eftipfi C,& ha
bet cifca 2quales angulos latera proportiona-
Yia:erunt ergo & A, B zquiangula, habebunt?;
circa zquales angulos,latera proportionalia: fi-
miliaergo funt. Quodoportuit demonftrare,

Propol. 22, Theor. 16,
Si quatuor vecie linew proportionales fue-
vint; srunt > & rellilines ab ipfisfimilia
~ fimiliterque defcripta proportionalia :
 Etfivectilinea fimsilia fimiliterque ab ip- .
 fis defcripea progortionalia fucrint erunt
& ipfa proporsionales , - L

S Intquatuor re&tz A B,CD,EF,G H pro-
portionales. VtABadCD;'itaEF adG 2 prop.
H, « defcribanturque fuper A B, C D fimilia’, fi- 18. §e
militerque pofiti re@tilinea K A B,L C D. fuper

ER, G H fimilia imiliterque pofita MF,NH. .
Dicoefle,viK ABadLCD; itaMFad NH.

b fumatur enim ipfarum A B, C D tértia propor .b prop-
tiomalis X; ipfarum vero EF, G H tertia pro- 11.6,
S portio-
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portionalis O. Et cum fitveAB ad CD; ita B
¢ P-FadGH&vtCD ad X; itaGHad O: e eric
32. 5. ex zquali;vi ABad X; itaE Fad O: dfed vc A
. d prop. ’ Bad X, jta
19. 6. v et K AB
' ad L CD;
“&vt EFad
OsitaeM
Fad N H:
crgovt AB

1

e cor. ~
® prop.

26.6. f

L itaetM
Fad N H.
Sed fit vi K
ABadLC
D; ita MF

. .ad N H.Di-
coefle,vt A
Bad C D;
ita: F E ad

. w7 G H. Fiat

f prop. fenimvt ABad CD, itaB Fad PR, g deferi-
12, 6. baturqué fuper PR re&ilineum SR fimile fimi-
g prop. literdue pefitum ipfisM F;N H. Cum ergo fit
18. 6, vi ABad CD;itaEF ad PR, defcri-ptaqueﬁr}:
fuper A B, C D re&tilinea K AB, L C D fimilia
fimiliterque pofita;fuper £ F,P R verd fimilia fi.

muliterdue pofita M F; §R; ericve KA BadL
CDsitaM Fad SR; ponitur aytemvt K ABad

LCD;itaMFad N H, Habetetgo MF.ad N

H, & ad SR eandem propotrtionem ; A a_equa;hz

b prep. rergo funt N H, S R; fed {unt figsilia fimiliterque
95 _pofita;zquales ergo funt G H,P R- Et quia eft’,
vtABadCD,ita EFadPR; funt PR; G H 2-

' ' , 7 quales;

.

KadCDh

-
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quales;eritvt ABadCD:itaEFad G H, Sier-
g0 quatuor , re&z, &c. Quod oportuit demon-
ftrare,

Lemma,

lia imilia tue

S N QVod au
= té qui-
U | do rew
i i &ilinea 2qua
PR @ H

rint, ipforam -

latera homologa xqualia fint, fic oftendemus.
Sint N H, SR zqualia, & fimilia ; fitquevi HG
ad GN;ita R P ad P S. Dico R P,G H zquales
efle . Sinon:erit vna maior . Sit maior R P;cum
ergofitvtRPad P S; ita HG ad GN; 2 erne
permutando,vi R Pad G Hjita P S ad G N:ma-~
tor eft autem P R quam G H: maior ergo etiam
eritP S quam G N. Quare & R $ mauws eris,
* quam H N:fed eft illi 2quale;quod fieri non po-
telt: Non eft ergo P R maior quam G H.Quod
eportuit demonitrare. :

Propof. 23. Theor.17, -
Acequiangula parallelogramma inter f¢
proporsionems babent ex latersbus
compofitam. '

a prop.

l‘o‘ g

S Inte uianguh_parauelogfmma AC,CF '

¥} zqualesangulos BCD,ECG habentia.
Dico illa proportionem habere,ex proportione

laterum compofitam ex illa nimirym quam ha-
‘ : bet

~
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a'prop, bet B C ad C G;& gitam habet DC 2d CE. Po
14. 1, patur B C ipfi C Gindire&um; a eritergo & D
) ' _ C ipli CE indire-
D H &um,& complea-
tur parallelogram-~
mvm DG. Expo-

bprop.

KLME ‘,F dem fune quz late-

: . - umBCadCG&
cdefis.D C ad CE. ¢ Sed proportio Kad M componi.
6. - torex propertioneK ad L,& Lad M; habet er-
g6 &K ad M proportioniem ex laterum propor-

d tione compofitam . Etcum fic vi BC ad CG;
PP dira AC parallelogrammum 2d CH: & vt BC
I 6. 4 CGitiKadL; eerieviKadL, ita ACad
€+ CH. Ratfis { cuinficve D C ad CE; ita paral.
;" 5 lelogrammum C H ad C F;& vt D C ad CEsita
i"‘;?- LadM,geritvt Lad Mjta CHad CF. Cum
:‘ * igitur oftenfumfit,vtcKadL;ita efflc ACadC
gFmop. H; veverd L ad M; ita C Had CF; heritex 2=

! 5 quali, viKadM,itaAC,ad CF. AcKadM '

1

E‘P rep. proportionem habet compofitam ex lateribus ¢

22 5+ ergo & A Cad CF, proportionem habet com-
ofitam ex lateribus : zquiangula ergo paralie~

ogfammum,&e. Quod oportuit demonftrate.

[P

Pro-.

@ natur quedam re-

11. 6. < < @aK,bfatquevtB .
: . CadCG;itaKad
. L;&viDCadC
‘ ' N - E;itaLad M.Pro-
‘ portiones ergo K
‘ adL,& L ad M,eq-
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- Propof.24. Thear18i>
Ownis paralitlogrammi ‘qilg tivia diame-
- trum funt pavalielogramma, fimilia
Ler 2 fumé bt & inter fe,

AE B Skmoies
S Lo
16,

ma. E'G,
HK. Dico viftumqg
£ "EG,HK toti A

Dk L I CD,&interfef -

Cra ey opdiliaefle . Clienim v
adlagts B Ctrjanguli A BC dua it parallela:
EF,acritvt B EadE A;ita'CFad F At Raorfus. 4 prop.
cum ad latus C Dtrianguli ACD du@afitpa- ;g
rallela F G, erie, v¢ GF ad F A, ira D G ad G A,
Sedvi CEadF A; ita oftenfaeft BE ad E A: b b prop.
ergove BEAd'E'Aita eff P G ad G Aictompos-11. §.
nendoergo vt B AadA'E;:ita D A ad AG: & ¢ prop.
perdmutando ,vt BAad AD; ita AEadAG: 18. 1.
patallelogradumorimérgo A8 € DB G latery dprop.
circa cotamiuiem angulum B-A D funt propdr, 16. 5.
tionalja. Cumque G F, D C}parallete finc ¢ €props
erunt anguliAGF;AD C;iteti GFA,DCA 29- 1.
zqualas commimis D A €t triahgulaergoAD | ..
C,;A GF 2qhidnguls funt . Bademde caufa erlic
& A'B C,A FE 2quiangula :totaergo-paralle-
logramma A B C D, EG funcequiidgula ; feft f gy
igitur v ADad DC;ita AGad GF;&veDC 4 ¢
adCA;ita GFadFA. Ve ve,r% ACadC Bsiea | -
U ' e " AF
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AFadFE;&vwtCBadBA; itaFEadBA. Ec
quia demopRmatwm eft,cflevi DCad CA;ita G
FadFA. Vivero ACadCB;ita-AF ad FE;
erit ex zquali ve D C ad C B;ita GFad F E.Pa=
S TR rallel-grammorum
NS ! ergoABCD,EG
X . latera circa gquales
Byl W »  angulgs sGt propor
Sy H . tionala; fimilia er-
N : go funt, Eadem de
 caulagrit parallelo-
; | ‘grammum K H roti
D - K G Y BJ,C D _‘i‘llﬂle:

UL A AL vixuing; ergo EG,
g#mop- K Hroti A BCD: fimile eft g C%z‘ antemmeia
31, 6. dem f{unt fimmilia) & inter fe funt imilia : eftergo
B.G ipfiK-H fimile . Omnis:ergo,parailelogram
e mig&es Quod opomuic demonfirarey -
S s T e
e vpropef.ag. Problyz.
B TR - T ST A TP L e gl R
¢ .. Datg reltilieo fimile, & alteri dito aquale
conone L bovg gomfliguerey. "
e B B T ¢ B N P
vk ¥¢ dato cebilineo. A B C fimile. conflituen-
e dum,zquale-verd ipli D. « Applicetur ad la
3R ’,"’ twsB Ciriangujo A B C ¢quale parallelogram-
Y pumB E;ad C E verd zquale ipfi D,aimisum C
b prop. M inangulo F CE, xqualianguloCBL; 6. in~
14. 1. direGum ergo erit BCipiCF,& LE ipiEM,
cprop. ¢ Accipiamur iplarum B C, CE media propore
13, 6. tionalisG H; & fuper i(yfa ipfiA B Cregilineo
dphopi dlimile deféribatur, & imilicer pofitum K G H,
18.6. Camergofitvi BC-ad GH, .ita G H ad CF
AN " (quan.
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( quando enim fuerint tres ere&x proportiona- e cob
les,eft vt prima ad tertiam;ita figura fuper prima 2 prop,
defcripta ad figuram fuper fecunda fimilem , fimi 20.6,

literds defcriptamYEft er
K govtBCad CF;itatnid
; uluma A-B C adtriangu-
fum KGH.fSedwt 1§.C fprop. -
- ad CF;itaek BEadEF. { 4,
- wtetgogtriangulim AB g prop.
Cadtriangulum K G Hj 1, ¢,
G . H itaeft BE parallelogram prep-

" mumad EF parallelo~ ;¢ s,
grammum:& hpergutando,yt ABCad BEyita
et KGH ad EF. HEquale autem- eft griapgu=
lim A B C parallelogrammo B.E:ergo & trian-
gﬂrmK G H zquale ef parallelogrammoEF. '

BEF aqualceftipiD: ergo& KGH ‘j‘pff D
. eftzquale . Eft verd & KGH ipi A B C fimilg.
Dato ergo rectilineo,&¢. Quod oportuit facere.

RN
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Propof. 26. Theor.19. :

Si & pavallelogrammo parallelogramusums
auferatur » fimiletoti fimiliterque pofi -
tumscommunem ipfi babens anguium ,
circa candems diamesrum ¢St eoti

Paralellogra
A mo ABC

D auferatur pa-
rallelogrammum
AF fimile roti A
B C D,& fimiliter
pefitum, commu-
nem angulum D
A B cum ipfo ha-
e s - bens. Dico AB
" € Deirca eandem diametrum efle ipi A F. Si
" pon , Sit ipforum diametrus A H C. & ducatur
per H vrique -AD, B C parallela HK. Cum
“ergo AB C D circa candem diamerrum fit ipQ
aprop. K'Gyaerit ABCDipfiK G fimile. Eftérgove
14.6. DAadAB;itaG A ad AK: eft autem propter
. fimilitudinem ipforam ABCD,EG,vtD A ad
b prop. A BjitaG Aad AB.ergovibG Aad AE, iaG
11.5. Aad AK;habetergo G A ad vtramgue AK, A
c prop. B€ ¢andem propottionem ; azqya.%is ergoeft AE
9.5, ipfi AK,minor maiori, quod fieri pequit . Non.
7Y ereoA B C D circa candem diametrum eft ipfy
i H: Cirea'eandem ergo diametrum eftipfi A
¥:Siergo A parallelogrammo,&c. Quod.opors

‘ruit demonftrare . P
e ‘ ro-
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Propof. 27. Theor.20. "

Ominm parallelogrammorsm ad eandem
veétam lineam applicatorum , & deficien
. tiym figwris parallslogrammsis fimili~.
bus » & fimiliter pofitis ei qua d dimidia
defcribitur, maximum eft quod ad dimi-
* diam eft applicatum ; fimile exifiens de-

feétui. '

g EQa A B a bife- 2 prop.
D - cetirin C,&ap 10.1¢
: ,plitetun'l ald AB relid
* parallelogrimmum «
APD deﬁ';%né figura ;z;,;;
parallelogramma D
B, fimil ; & fimiliter
pofita ei, quz 3 dimi=
dia ipfius A B defcri-
ptaeft . Dico omnil
parallelogrimorum
- ad A Bapplicatorum,
, - 4 &deficientium figuris
parallelogrammis fimilibus, imilicerque pofitis
ipfi D B, maximum effe A D. 6:Apphicetur enim b prop...
adre@am A B parallelogrammum A F, deficiés 44 1-
parallelogrammo F B fimili imiliterque pofito
ipr D B. Dico A Dmaius effe ipfo AF. Cum cprop,.
enim D B fimile fit ipfi F B,c erunt circa eandem 16. &,
diametrum. Ducatur illorumdiametrus D B,& dprop.
defcribatur figura . ¢ Cum ergoipfi CF 2quale 43.1.
fic FE, & commune apponasur F By e erittotum ¢ qx.1,
Q3 CR
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C Hroti KE zquale. Sedipfi C H zqualeeft
C G cum A C,C B zquales fincjergo & G C ip.
fiEK zqualeeft . Commune C F apponatur; &
erittotum A F gnomoni LM N zquale . Quare
D B,hoceft A D,quam A F maius eft. Omnium
ergo parallelogrammertum,&c. Quod oportuit

demonftrare.

aprop, €M E B ipfiL B fimile

20.

Aliter . Sit AB rur-
fusin C bifeQa, & ap-
plicatum AL, deficiés
figura L B. Applice-
turad A B parallelo-
Erammﬁ AE deficiens

gm'a E B‘ ﬁmlll & fi-
militer pofita ipA L B
d dimidid A B defcri-
ptz. Dico parallelo~
grammum AL addi-
midiam applicatii ma-
ius effe ipfo A E. Cum
fit & erunt circa eandem

. diametrum,que it B B,perficiaturd; figura.Quia
" ergoLFipAL H zqualeeft, quod & FG

ipiG H fit 2qualis; F L, quamEK
‘maus erit: b zqualeeftautemL

b prep- Fipfi D L:maius ergoeft D
43 1. " LqumEK,commua
S neaddatur K D;
- totum ergo’ :
e .o ALY ,
: ¢ toto AE maius eft . Quod-
o, e " oportuitdemons -
Tl et s fhrargen o
e Lo Pro-
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ars

‘Propol. 28. Probl.8. - -

‘ Al datamreitam lincam dato relilineo €~

- quale paralle logrammum applicare defi-
‘ciens figura parallclogramma, qu g fit fi-
milis.alieri dats . Oportes autems datums
veclilineumscui aquale applicandum efts
maius uon effe co , quod ad dimidiam ap-
plicatur s fimilibus exiflentibus defeli-
bus; & co quéd d dimidia, & eomu opor

et fimile deficere .

H co F

It reQa
data A

* Bjre&ilined

datum, cui
opor:est -
qualeappli-
-cgre tC,
no Yhn’ exi
fiés eoquod
ad dimidia

o dpplicatum:
2 eftyfimilibus .
' lexifksntibug’
«  defe&ibus. -
+ Cai " autem.
i oportes fimi
v Je defidere,

. e D.Ogor=.

Coalzips 'tet cergo ady

o P} AB
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_ A Bre&ilineo C zquale parallelogrammum ap

" plicare deficiens figura parallelogramma fimili
=m~ . ) ’ . iPﬁ D.'ll Bi—
10. I. ' ' " fecetur AB
brp. 1 GO F ' inE&bde-
18.6. ’ feribatur fu
perEB ipfi

militer§;po
frum EBF
G complea
turque AG
" parallelo—

L—M  grammum:

qitod ipfi C

‘ T auc zquale
]{ N eft; aut ma-~

* ius ob deter
minationé.

Si zquale,
faGum eft

- quod jube<
batur;appli
catumenim

o E . ‘eft ad. AB

reQilineo C zquale parallelogrammum A G
deficiens figura parallelogramma G B fimili iph

D. Siverd HE nmius eft quam C; erit & GB
maius,cum G B ipli'H E fic 2quate , Exceflui au-

q’"g‘ tem,quo G B excedit C,¢ fat 2quale XL M N,
3§.0. fimile fifliterque pofiru iphi D. Et cum D fi-
mile fit'ipfi G B,erit &K M ipfi G B fimile, fitli
ncaKLpiGE; & LM ipfi G F homologa ;

quia ergp G B zqualeeftipfis C, KEM;.crit G

L Y B;quam

o

R . D fimile, -




- ——

RS

B; quam K M maius ; eritergo & G Elineama-. ..

iorquam KL; & GF,quam L M.aFiatipi KL, dpropy -

zqualis GX;ipft LM ipfa G O, compleatrrque 3, 1,
parallelogrammum X G O P, quod eris 2quale;

& fimileipiK M, fed KM 1pliGB fimieeft; e eprops
eritevgo & GP ipfiG Bfimile: ffuntergo G P, 21. 6.
G B circa eandem diametrum , quz it G P B. & f prop.
defcribatur figura . Cum itaque G B zquale fit 26. 6.
ipfis C;K M, & GP iph KM; efit reliquus Y
gromon ipfi C xqualis,g cum§; O R 1pfiX S fi g prop.
zquale,fi commune P B addatur; erichtotum O 43 I+

BrotiX B zquale. fed X B 1pfi T Eeft i 2quale, haxa.

quod A E,E B fint aqualeseft ergo & TE ipfi O 'g"f g

B zquile,fi commune X § addatur, erit totvm T
S gnomoni Y zquale-Sed gnomon ipfi C often-
fus eft zqualis: k eft ergd T S ipfi C zquale. Adk ex. 14
datam ergo A B dato reQilineo C gquale paral-
lelogrammusm T § applicatum eft deficiens fign
ra P B fimily ipfi D, cum P Bipfi GP fimile fic.
Quod apormit fatete.: - : oo

Propof.29. Probl.o.
Ad datam reélam dasovectilineo dquale pas
rallelogrammum applicare , excedens
figuraparallclogramma , fimili -
alteti date, : _
Tt daca re@a A B;& re&ilineum C; cui opor
teatad A B zquale applicare , cui autem fi- |
mile efle debeat excedens it D ¢ Bifecétur A B 4 F7oPe
inE, b deferibaturque fuper E B paratfelogram- X0+ 1.
‘mum fimile , fimilirerg; poficym ipfi D; ZEquale PP
verdvirid; BF, & C & fipile ipfi D ¢.5ar G Ht-,! 18. 6,
S ' quo

3
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cprop. quod ipiF B fimileerit, Sit autem latus KH
* £5. 6 homologum lateri FL; KG ipfi FE. Etcunt

¥

N - px | ,

G H maius fitqui F B, erit & K H maior, quany
FL;&KGgnamFE; producantur FL,FE, vt

ipfis K H,K G zquales fiant,in M & N,complea

, turque M N,quod ipfiG H zquale, & fimile eft:
dprop. fed ipfiG H fimileeft EL;deft ergo & M N ip~
21.6. i E'L fimileje funt erpo circa eandem diametra 5
epreps quz ducatur, & fit F X, compleaturque figura .
26. 6. Quia erlgo G HuamipfisEL, & C,quam ipfiM
. Nequaleeft;ferit & M NipfisE L & Cgquale.
fax.3. Commune E L tollatur; & etit giomon Y ipfi C

wequalis. Cumque E A rpfi E B fi qualis, g erit -

BF"F &.A Nipfi N B zquale.ioe efbiphi L O,com-
'ﬁ I muneaddamrE X, ersgottoamn A X, toti gno~
1. ‘wieniY zquale : fed goomeon ipfi C #qualis oft:
431 eticergai& AX iphi Cxquale .. Ad datam crgo
L > 4 - A R

T e ——— e
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AB, datore&ilineo C zquale parallelograme
mum A X applicatum eft,excedens figura paral-
lelogranima P O fimili ipf D, i cum &E L iph
OP fimiefit, Quod oportuit facere .

Propnf. 30. Probl. 10,
Datamreitam lineaws teyminatans extrems

ac mediaratione fecare,
D Porteatda«
. tam termi-
natam A B extre-
E B ~ ma ac media ra-

AB quadratum B
) » C, b appliceturq;

C T ad A C parallelo-
' gramlmum (dZ D,

zquale quadrato

A < B BC, exc‘zdens fia
gura A D fimili B C gfiadrato , (le quadratum
" erit . EtquiaB CipfiC D 2qualeeft, fi com-
mune’C E auferatur § erirreliquum B F reliquo
A D zquale , funt vero , & zquiangula ; c latera
ergo ipforum BF, A D reciproca funt circa 2-
quales angulos : eftetgove FEad ED; ita AE
adEB:& el FEipfi A C,hoc eft, ipfi A B xqua-
lis& ED.ipfi AE; quareeftve BAad AE;ita A
EadE B:d maiéreftautem A B quam AE: ma-
iorergo , & AE quamE B:eftigitirre®a A B
extrema ac niedia ratione fe&a in E; & maior
portio eftAE. Quod oportuit facess . < ’
. : oAliter,

iprop,
24.6.

tione fecare. s 2frop:
Defcribatur fuper 46+ Te

b prop.
29. 6

CM‘
14, 6.

dprep.
14.5.



eprop.

17 6.

aprop,
$ 6.

vt C Bad BA,1ta ABad BD, bgpando autem
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Aliser, Oporteatretam A B extrema ac me
dia ratione fecare : e fecetur A B in C; vt quod
A B, B C continetur , 2quale fiteiquod ex AC
quadrato . Cum ergo quod AB,B € contine- -
tur zquale fit ei quod ex A C fit quadrato : ferit
vtABad A C;ita ACad CB. Eftergo A Bex-
trema ac iedia tatione fe&a . Quod oportuic
facere . ' o

Propofitio 31. Theor. 2¥:
Insriangalis veilangulis figura qua fit dla
teve veéium fubtendente aqualis ¢St figu-
vis qua fiunt 4 lasteribus reGum continen
sibus, fimilibus; fimiliterque defeviptis, |

~

B D ‘C-

S It triangulum r’e&znénlqm ABCreQuh ba
bens angulum B A C. Dico,id quod fir ex
B C zquale effle illis,qua fiont ex B A,A C fimi-
libus fimiliterque defcriptis . Ducatur perpendi=
cularis A D, acruntdue triangula ABDIAD €
3 perpendiculari fa&a , & toti A B C, & inter fe
fimilia . Cumque ABC,ABD Gmulia fint, erit

tres
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tres funt proportionales , eft vt prima ad tertii ; boor.a,
ita qu 3 prima defcribitur figura adfiguram fi- prop,
milem A fecunda defcriptam . Veergo CBad 1o. 6.

B Dyita eft figura ex C Bad figuramex B A, fi-
milem fimiliterque deferiptam-. Eadem de cau-
fa, eritvt B € 2d:C D; ita figura ex B-C ad figu-
ramexC A. ErgovtB C ad B D,D Ciitafigu-
raex B Cdefcripta,adfigurasex B A, A Cde-
feriptas fimiles , fimiliterque pofitas: 2qualis eft
autem B Cipfis BD, D C; ergo & figuraex BC
2qualis eric figuris ex B A,A C fimulibus fimili-
terque defcriptis. Inreftangulis ergo triangu-
lis,&c. Quod oportujt demonftrarg. Alicer . ¢
Cum fimiles figure in dupla proporttone fint
homologorum laterum , habebit figura ex BC
ad figuram ex B A duplam proportionem es ,
quam habet latus B C ad iAtﬁabﬁ“cﬁt verd &

[4 ’rap,

20; 6’

quodex B C quadratum , ad quadratimexBA

duplam proportionem eius,quam babet B Cad
BA.dVeergoeftfigura ex BC ad figuram ex
B Ajitaeft quadracum ex B C ad quadraym ex
A B, Eadem decaufaeft, vefigura ex BiCadfi-
guram ex C Ajsita quadratumex B C'ad quadra.

dprep.

IL. %y

tumex C A. Eftergovt figuraex BC adfiguras

ex B A, A C;ita quadratum ex B €ad qua~
-drataexBA, A C. Séd ¢ quadratom
exBC eft zquale quidritisex
BA,A C: Eftergo&figu, "
raex BCequalis figis - * 7
“risex BAAC, - ° .
- fimilibus fi= I
Cae mili--
terque. defctiptis . Quod oporthit
s demonflrare, Tt s s

N Pro-

4‘70 ) %
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" Propof. 33.Theor. 23,
Siduo triangula duo latera ducbus lateri-
— bus propartionalia babentia » ad ynum
anguluns componantur, ita vt lasera bo~
mologa fint pavallelas veliqua latera in
direcium erunt conflituta.

B .. C -E
S Inttriangula. ABC, D CE habentia duo
-latera B-A, A C, duobus D C, D E propot-
tionalia ; Vi ABad A C;itaD Cad D E,fintq;
tam A B, D 'C,quam A C, D E patallela; Dico
. CEipiBC in diredum efle. CumeniminA
aprop. B,D C paralielasre@a A Cincidav, aeruncan-
29. 1. gulialtesni B A C,A CD mquales. Eademde
caufs & C D-E, A CD zquales erunt: ynde & B
A C,C DE zquales funt. Cum igitur deo erian-
gula ABC,DCE 'vnumangulum qui eft ad A,
vni qui eftad D zqualem habeant, & citca z=
b quales angulos latera proportionalia, vt 6 BA
PP+ ad A C,ita C D ad D E,zquiangula erunt:angu-
*® liigitur AB C,D CE 2quales funt .. Oftenfi au-
tem fune & A CD,B A C zquales. totus cégo
ACE
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A CE duobus AB C,B A Ceft gqualis:commu=
nis A C B addatur,& erunt ACE, A C B zquas
les his,B A C,A.C B,C B A:cfed hitres duobus, PP
redis funt zquales:ergo & A CE,A C B duobus; 3%* *
re&is equaleserunt, Ad pun@um ergo C rectz
AC duzre&zB C, CEnon ad eafdem partes
poficz , an%u_lp's deinceps ACE, A C B duobus
re&is zquales faciunt ; in4 direQumergo et B d prop.
C, ipfiCE. Siergo duo triangula , &¢. Quad 14.1.
" oportuit demontftrare, T T

- Propofy33. Theor.23,. -
In aqualibys cirgulis angnli eandems propor
tionem babent,quams peripheria s quibns
:<infiftunt , fiue ad centra 5 fiuc ad periphe« _
~ vias conftituti infiflang . Quin & [eflo~
res, quippe ad cenera confliuti,; .
: TN

I N equalibuscirculis A B C,DE Fad centra
.G, H conflituti fintanguh BGC,EHFad
peripherias B A C,EDF. Dicoefle,vt BC pe-
ripheria ad EF peripherid ; ita angulum B G Cé
. . 3



124 LIBER VL
ad'angulumE H F;& BA Cad ED F; & infuper
... . BGCfeQorem adE HF fe&torem . Ponantuy
. - pertpheriz B C gquales quotcunque deinceps C
" " K K L: peripheriz EF quotcung; zquales FM,

¥F 9

PO -

M,N, ducanturque G K,)G L; HM, HN. Cum
aprop. erga peripheriz C B, CK, K L 2quales fint ,«

27.3- erunt&anguliBG'C,CGK, KGL 2quales,
quam muleiplex ergo eft pe'ripiiéria B L periphe
riz B C,tam multiplex eft angulus B G L anguli
B G C. Eademde caufa quam multiplex eft pe~
tipheria N E peripheriz EF, tam multiplex eft
angulus N‘H E:mFuli EHF. Sijgitur periphe-
rix B L,E N g¢quales funt,erunt & anguli BG L,
EH Nazquales: Etfiperipheria BL quumEN
maiof eft, erit & angolus BG L maiorangulo

+ EH N;& fiminot,mnor . Cum igitur quatuor
fint magnitudines, duz peripheriz BC,BF, &
dno anguli BG C,EH F; acceptzque fint peri-
pheriz B C & anguli BG C =que multiplices
peripheriaB L, & angulus BGL. Peripherice
verd EF- & anguli E H F peripheria EN, & an-
gulus E H N, demonftratumque fit fi peripheria
BL maior ficperipheria EN, & angulum BGL

- angu.

1

—

T—
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apgulo E HN maiorem efle ; & fi zqualis xqua~ -
lem; fiminor, minorem : b Eft ergo vt B C peri- b def.
pheria ad periphetiam E F; ita angulusBGC 5. 5-
adapgulumEH F. Sedvi BG CadE H Ficita €prop-

~ cft BA Cangulusad EDF angulum , vterque 15-§-

enim veriufque duplus eft:ergo ve B Cad E Fiita
et BGCadEH F;& BA CadED F.Inzqua-
libus ergo circulis, &c. Quod oportuit demone
flrare, - : : :

S L
NVARNANY

F°F g xC

- Dico przterea , vt et BC peripheriaad EP

peripheriam ; itaefle GB C feGoremad HFE

{e@orem- Ducantur BC, C K;accipianturque
iferiarum B C, CX punéta X,0, & ducantur

ge;c,x C,C 0,0 K. Cumergo duzBG,GC,

duabus-C G,G K zquale fint; angulofque 2qua-

les contineant : derunt & bafes B €, C K zqua- 4,

les igitur & triangula B G C, 6.CK 2qualia © h P

erunt; cumque peripheriz B C, C K fint zqua- : o

les, erit& reliqua BA C peripheria reliquz C 7™

AK zqualis ; e ergo & angulus BX Cangulo C ::'f;
O K zqualiserit , fportiones ergo BXC,CO ;.

K fimiles funt , & funt fuper zqualibus re&is B pr
C, CK: gcirculorum autem pxgm'oncs fupér 2- gprope
E quali=



v
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quralibus re&tis conftiunz,2quales funt : portio-
nes igitur B X C, C O K zquales funt. Sunt ve-
rd & triangula B G C,G C K zqualia; totus er-
go fedor BG Ctoti GK C eft zqualis. Eadem
de caufa, erunt fe&ores GK L, GK C 2quales:
tres igitur feGores BG C,CGK,GL K ®zqua-
Ies funt. eandem de caufa, erunt & tres HEF, H
FM,H M N =quales . quam multiplex ergo eft
peripheria B L peripheriz C B, tam mulciplex
eft feGor G BL fe&oris GB C. Eadem de cau~
faquam mwultiplex eft peripheria E N periphe-
riz E F,tam multiplexeft fe@or HE N fe&oris

HE F. Siergo pertpheria BL maior eft peri-

goof.

5. 9.

pheria E N, erit & fe@or B G L maior fe@ore B
HN; Ecfi 2qualis, zqualis; & fi minor,mor.

- Cum igitur guztuorﬁnt magnitudines , duz pe-

ripheriz B C,E F,& duo fe&ores GBC,EHF;
acceptzque fint peripheriz B C, & fe@orisG B
C.zque multiplices B L peripherta,& GB L fe-
&or , Peripherie verd E F,& fe@oris HE F, pe=
tipheria EN, & fe@or H E N; demonftratuings

it i B L maior fit quam E N; & feGorem BGL -

maiorem efle feGtore E H N; & fi 2qualis,zqua.
»  lem; fi minor minorem. g erit vt periphetia
. BCad EF peripheriam; ita GBC
feRorad HEF feQotem. Ma-
nifeftum ergo eft,efle,vt eft
fe&orad {fe&orem,ita
gogulum ad an-

lum,
el
[ ]
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- Exlibro 13. Euclidis.

o Propofitio 9.

Silaterahexagoni & decagoni cidem circu=

~ do infcripta componantsr 5 erit tota
compofita proportionaliter fecla.

ey A Intincirculo D CB, ‘
" latera B C decago~
( ni , A Chexagoniin di-

reGum pofita . Dico to-
C tam AB in C propor-
B tionaliter efle fe&Gam,
maioremque portionem
effe A C. Sumpto enim
centro E. iungantur re-
&zEB,EC, E A, pro-
ducaturque E B in D.
Quia igitur B C latus eft decagoni ®quilateri,
«erit peripheria BC.D quintupla, peripheriz C
-Brigitur C D quadrupla erit eiufdem CB. Ve aprop.
verd periphefia C Dad peripheriam C Bsitaeft 33. 6.
angulus CE Dad angulum C E B. Quadraplus
eftergoangulus CED anguh BEC. Etquiad b prep,
angulus E B C 2qualis eit angulo BCE, erite 5. 1,
augulus DL C duplus anguli E C B,cumue E C ¢ prop.
recte C A fit zqualis (vtraque enim eft aqualis 30. 3.
Jateri hexagoni circulo B C Dunferipti ) 4 eric dprap.
& angutus CE Aangulo E A C ®qualis: e duplus- 5. 1.

D

. ergoeftangulus B C Eanguli CAE: fed anguli eprop.

B CE duplus oftenfus eft angulus CE D: qua- 32. 1.
_ : — P a  druplus

{
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druplus igitur eft angulus CED anguli C AE.
oftenfus eft autem & angulus CE D quadruplus
anguli C E B: 2quales ergo funt anguli CAE,
¢ "BEC. Triangulorum autem ABE, EC B an-
prep: gulus EB C eft communis ; £ erit ergo & reli-
3% 1+ guus A EBureliquo ECB ®qualis . Quare trian-
BP7°P* oula ABE,CBE funt zquiangula:geft ergo ve
4% ABadEB:itaEBadCB. Eft verd B E 1pfiA
. C zqualisigitureftvi AB 2d AC; ira ACad
hprop. CB: Maior autem eft A B, quam A C: b igicur
14.5. & ACquam CB. QuocircaABinC feQaeft
proportionaliter,& portio maior eft A C.Quod

demontftrare oportuic.

Propofitio 0.

Sicirculo pentagonum equilaterum inferie
batur.latus pentagoni poterit, & latus
hexagonis g latus decagoni,ei-
dem circulo inferiptorum.

Sto circulus AB CD E, cui pentagonem

E zquilaterum A B CD Einfcribatur. Di-

co latus pentagoni pofle & hexagoni, & de-

cagoni latus eidem circulo infcriptorum . Ac-

cepto enim centro Fducanwur AFG,FB, & ex

F ad A B perpendicularis F I,quz producatur in

H, iunganturque A H,H B, rurfufueab Fad A

" H agarur perpendicularis F L, quz in K produ-

2 prop, AT 5 iungaturque HM. Etquia peripheria A
I{' { * BC G zqualis eft peripherie AED G, « qua-
*3* rum A B C 2qualis eft AE D:eft igitur & reli~
qua C G, relique DG ®qualis . Eft autemCD

' ' penta~

EENGE Y

X S NP

et

e

| S,
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pentagonisC G ergo Decagonierit, Btquia A b defs
F,F Bb zquales funr, & perpendiculariF L, cerit 14,1,
angulus AF Hangulo H F B 2qualis , d ideod; ¢

o ’ & peripheria 3,3,

A H periphe~ d pyop,
riz H B.quare 54, 3,
peripheria. A .
B dupla erit
peripheriz H
- B: igitur AH;
latus eft deca-
. goni. Eadem
ratione A H
eripheria i
Eus AK dup
eft. Quia er-
: o go peripheria
A Bperipheriz H B dupla eft ; peripheria verd
C D peripheriz A B zqualis; erit & C'D peri-
pheria dupla peripheriz’ HB. Eft verd & CD
peripheria dupla peripheriz C G: peripherie
ergo C G, B H gquales funt:fed B H ipfius HK
dupla eft, quod & A H. Igitur & C G ipfius HK
eft dupla. Eftautem periphcria C B peripherig
A B ®qualis: ergotota B G peripheria, periphe-
riz B K dupla eft:e vnde & angulus G F B,angu € rop,
liBFK dupluserit. Eft fverd & angulus GF 27,3,
BduplusanguliFAB,& g funt FAB,ABF =~ fprop,
quales: efthigitur & B F M apgulus,angulo FA 20,3,
B zqualis. Triangulorumautem AFB,BFM gprop

communis eft angulus A BF: eritigitur & reli- ¢.q4,

quus AB Breliquo BM F 2qualis. Quaretrian- hax.y.

gulaABF, BFM funteqmangula, i Ergoeft 1.

vtABadBF; ita FB ad BM: K reQangulum i prop
ergo 4.6.

U
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Kprop. ergorelis AB, B M contentum zqitale eft qua.
. 37.6. dratosplius FB. Rurfus/quoniam AL,L H =-
1prep. quales funt; communis , & ad angulos recos L
3.3. M;merunt &bafes HM, M A zquales.» Vnde
mprop. &anguli L. HM,L AM =quales erunt;fed o an-
4. 1. gulusL AM,angulo HBM eft equalis : erunt
nprop, 1gitur & L HM, HBM 2quales , & eftdnorum
g.1. triangulorum BA H, H AM angulus BAH
o grop. communis: eric igitur & reliquus A H B reliquo
27. 2. HM A equalis. Triangulaigicur AHB,HA
pprop. M funt zquianguls.p Quareeft, vt B Aad A H;
4 6. ritaAHad A M, Re&ar;fulum ergo q refis A
q prep. ‘B,A M contentum, equale eft quadratoreGz A
17. 6. H. Oftenfum eft autem & reQangulum re@a.

rum A B,B-M 2qualeeffe quadrato re&2 B Fser

go re@angulum linearum A B,B M,cum re@an-
gulo lincarum A B,A M ( » qua funt ¢qualia qua
drato totius A B ) eft zquale quadratis 'plarum
BF,AH; & eft A B latus pentagoni ; F B hexa-
goni; A H decagoni : igitur latus pentagoni po-
teft & latus hexagoni , & latus decagoni eidem
“circulo inferiptord ;quod erac demonftrandum.

rprop:

2.2,

FINIS.
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