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g 5 2 Avsthmeticam. bac poftersors
A\ cim Vrenngue inftrultaiams

IR 2., ;o iuntess videretwr, -
© pereras,ur cadem (7 prioreinfrueretsr. I-
| tageamdehabertda aliqunaGeometricoruth
'+ “dlementirumEpstome cogitasionems [ufeepif~
- “foms,mshilg, melins ipfo mmo Geométra Ed-
“chide in entem vendlfee caps filicitmGme-
o 3pfe, & cum alijs qudg, comanicato ci-
 Jilio deliber are.quemna potifSimum ex tantn
| iCrPretuns thrinaquandg, adeo in Lniner-
[ vationem Euclidss publicands deliger®.
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" tecelfario fuerunt primum cholid & com-
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4  AD LECTORIM.
clidemipfuss repr afemtarnnt. Tum deindes”
guonid Vix aliqua apparebas tam religiofas
snterpreeatio que no ab Awtore, fiflsa lingsa
'logumt'e’hudia, Licentins fubinderecederet 3

niens deintegro coucrteretur . Ad eam egopro-
winesapofiquam aggreffiu fusillud agriguwif~

optimum fallA Videbasur fiinLatink /Ermé- E

fime eure babui, vt quamlibes fmplics di-
CHione,genwind demonfir ationem fententiam
ex Gmcopro:{m exprimeré fedproinflisuta
brenitaseverbisfic appenfis ,vt longiort ali-
. enbicircumductiont pantlo brensorigyro col-

Jigerem. Poftervores tamen Iibri;uimi pro- 'l
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Deﬁmt:am:

_ Pun&um eft, cuius parsnulla,
2 Linea, longitudo latitudinisexpers,
3 Linez terminifuatpun&a.

4
&is.”

S:7.

4 ReQalinea eft,: qdz ex 2-

$mmeemt quali fuis i mtcrqutur pun-

‘ 5 Superﬁccs cﬂ,quz!ong:tu—

* diném & latitudinem tans
. tum habet,

6 Superficici termini funt linea.
- Plana fdperﬁcxcs eltsquzex zquah'mc

ter [uas lineasi iacet.
N R T
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8 Planusanguluseft,dua>
8 _~ rum linearum in plano f&

. mutuo tangentiom,&non
indire@um iacentiumalecriusad alteram
inclinatio.

In direitum sacere dicuntur dus linee,
guandoex lisfit vmalines. »: 404 3
9 Silincz angulum coatinentes, reGa
fuerint,re&ilineus angulusdicitur.

A 10 SireQalinea fuperre-

&am confiftens, cos, qui
1o deinceps funtangules,z-
c D quales fecerit, rectus eft

B vterque zqualiumangu-
' lorum. Etinfiftens re&a,

. perpendicularis dicitur eius,cuiinfiftit,

Linea AB confifiens fuper C D dicitur per-

pendicnlaris. Angwli ABC, ABD dicuntur: .

velli, diguncur quog, anguli deinceps. -
> 11 Obtufusangulus cft. qui
Il /13 maioreftre®o. '
- 12 Acutus, quireGo minor
eft. Co
13 Terminus efl, quodalicuius ¢ft finis.
14 Figuraefl, quz fubaliquo, autaliqui-
bus terminis continetur. - - ,
Circslus canrinetnr [ub vna lincacires-
kﬂ'. .. - . H
T 15 Cir-

/
t
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L1RXR L 7
15 Circulus eft figura
plana,fub vnalinea ¢3-

tenta, qua peripheria/
B Cdicitu’r »ad quam om-' -

nes linez ab vno pun-\

Gocorum, quzintra -

- figuram funt cadentes,

zquales funt. '
- 16 Pun@um autem illud centrum circu~
1i dicitur. uimirsm A

17 Diametrus circuli, eft quadam re&a. -

linea per centrum a&ta, & ad viramgq; par-
tem peripheriz circuli terminata; quz 8
circulum bifariam fecat. nempe linea BC

18 Semicirculus eft figura.
adiametro,&intercepta cir=
o culi peripheria contenta.
[9 12 Segmentum circuliefl, quod
£\ areQalinea, &peripheriacircys
li continetur. , -
20 Redilinez figurzfunt, que rectisli-
neis continentur. Trilaterz,quz tribus;’
quadrifaterz , quz quatuor; myltilate-
rz,que pluribus quim quatuor lineis re-
€tis continentur., ‘
at Trilaterarum figurarum,e-
A quilaterum triangula eft,quod
: tria latera habet zqualia.
- Ag Mo~

lf‘

f\j\
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¥ quilateractl, nequezquiangula.

LIBFR 8

2 lfofccles s quod duotantim z-
qualia habet latera.

23 Scalenum, quod omnia
tna ingqualia habet late~
ra.
2gq Trilaterarum praterea ﬁlgu-
racum re&angulum triangulum
cﬂ:,quod reGtum angulum ha—

25 Obtufangulum, quod obtufum, vz eff
Sgwraz3.
26 Acutangulum, quod tresacutosha-
bet angulos, V¢ funt figure 21.¢7 22.
w7 Quadrilaterarum figurard,
Z7 | Quadratumeft, quod zthulla-

‘ terum &zquiangulum e
' 28 Altera partelongior figu-
Z8 |, eft,quz zquiangula quidé,
at non zquilateraefl.

A Y 29 Rhombus, quz zqul-
29 la{tlera,gqulangula verdnon

' 30 Rhomboides, qugop-
poﬁta,& latera, &angulos

‘ zqualiahaber; at nequez-

31 Reli-

—
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‘:_-'333: Reliqua ab his quadrila-
. -\ tera,vocentur trapezia,

==z 32 Panallclz reltz lincz
w—m——= funt, quzincodem plano
exiflentes, & vtring;in infinitum cieQx,

inneutram partem coincidunt,

Poftnlata.

Pofluletur 3 quonis pun&oad quod-
uis re&tam lineam ducere.
" Etre&am lineam terminatam in con-
tinuum, & direGum producere.

Et quouis ceatro & interuallo circus
lum defcribere.

Communes fententiefcs
axtomata.

1 Quz cidem funt zqualia , & inter fo

funtzqualia, T

2. Et, fizqualibus zqualia adduntur , to-

tafuntzqualia,

3 Ec, fiab equalibus zqualia tollantur,
reliqua funt zqualia,

4 Eufiingqualibusgqualia addantur,to-
tafuntinzqualia.

s Etfiabinzqualibus zqualia auferans

turyreliqua funtinzqualia. .2
. : Ay . 6Eg
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o LIPER I

¢ Et, quz ciufdem funtdupla, intet fe
funt zqualia. - .
7 Et,quaciufdem fynt dimidia, interfo
funt zqualia,

8. Ev,quzfibjinuicem congrumt, intcfr'

fefunt zqualia,

9 Et,totum eft maius fua parte.

10 Egomnesangulire&iinterfefunt 2-

quales, . :

11 Er, fiin duasre@ss lincasre@a inci-

densangulosinteriores,& ad eafdem par-
" tes,ducbus re&is minores fecerit,coinci-

dentduzillalinegininfinitum pretratte

verfus illam partem, ad quam funt dua

anguli ducbus re&@isminores. '

12. Et, duz retz fpacium non canglu-

dunt.

Propofitiones.
Propofitior.Problemar.

Super datarecla lines terminata #ri-
angulum equilaterum conffi-
tuere,

< S Itdatare&aARB,

fuper qua opor-.
B )E teattriangulumzf
c_luilatcrum con;ﬁ‘g-:

" tuere
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were. ¢ Centro A;interuallo A Bdcleri« ; pop g
baturcirculus BCD. Rurfus # centroB, b Pef.z, -
dutcruallo BA deferibaturcirculus ACE: :
8 ex C, vbilecirculi fecantad A, BB pun-
&a,cducanturreCiz C A, CB. Quoniam p,g0,-
Acentrumcftcirculi BCD, detitAC = ddef s, -

ualisipfi A B, Raorfus, quiaBceotram '

:lﬂcirculi CAE, ¢ erit& B Czqualisipfi 415
BA.dcmonflrataeftautem & € Azqua- :
lisipfi A B: veraque ergo C A,C Baqualis:

eftipfi A B:f queauté cidem fusit gqualia, £ 4,r;
&inter fe funtkequalia:igitur C A zqualis
. ot CB:tresergo CA,A B,B Clunt zqua~
les.Quaretriangulum A B Ceftzquilate-

rum,& fuperrea A Bconflitutii. Quod
facereoportuit. : o

Propofa.Problema s.

eAddatars punctumdare reGelineq |
- aqualemreciamponere.

Slm data,puns \.p
QumA,re@ =~ -/

‘BC, & oporteat -

ad pitam A re- Ko S

&z B € zqualem

" pounere. Dutatur N

- abAadBrefta A " ﬁ&_&

' : B, ﬁ}‘\“- ¥




n LIBER L
" apreprs. Bofuper # ead; conflituatpr triangulum.
l:;e,g:. z’quilaterum(}) A B,bproduis ?x? dire-
cpf3.  &umiplisDA,DBinE,&F, ¢ Centro
B, interuallo B C defenbatur circulus
dpefs:  CGH. Rurlus d centro D, interuallo
' D G deferibatur circulus GKL. Quo=
niam erga B centrum éftcirculi C G H,
sdef1s. 4 eriipli B Czqualis BG.Rurfus curn D
fdefrz, ftcentrum circuli GKL, feritDLe-
sropa.  qualisipiDG:g q"uirum parsDAcltz-
: exg.  qualispacti DB ; » reliquaergo AL 2-
R baxr qualiserit reliquz BG. Oftenfa eft au-
2 \ tem & B Czqualisipi BG: vtraqucergo
AL,BCzqualiseftipiBG. s Quzau-
,m\* tem cidem funt zqualia, & inter fe funt -
X 6;,“' - //Qqualia: ergo A Lzqualiscfliph BC. Qua-
‘\3'/ uzad punGumdatum A, date rez BC
} . zqualis ¢ft pofita, AL.Quod facere opor-
| suit. . L
Propol3.Probl.3.
Vs Datis disabus inequalibus reclis linews,
| " &maiore mineri aqualem ab-

. -

[ ‘ o - [eindereo.

V

T Intdatzre@ain-
zquales A B,&C;

/R quar maior fit A B;
% a-—4 qua, minort C &-
e qualem abfcindere

opor-




LIBER L 13 :
oporteat, Sit 4 ad punGumA,re@2Cx- 4 prop. 5,1,
qualispofita, AD. & b centro A, interual- b pot 5.
Yo AD,defcribatnr circulus DEF.Et quia
A centrum eft ciccoli DEF, ¢ erit AE cdetus,
=qualis ipfi A D, fed & Caqualis eft ipfi

' DA: vtraqueergoA E, Czqualiseftipfi -
‘AD:igitur & A EzqualiseritipfiC.Dua- . - -
busergoinzqualib. datisre@is lineis AB, .-~

& C,amaiore A B, minori C zqualiseft
abfciffa, A E. Quod facere oportuit. '
- Propof 4. Theor.t.
i dud'triangula duolarera duobus l4.
2eribusaqualia habuerint, alterum al-.
Beris habusrint antems ¢ angulum an-
" gulo, 4qaalx’bm latexibus contentum,
“aqualem , & bafimbafi aqualem habe- .. ..
biit:erit 4 triangulumtriangulo aquan
de,& reliqus angulireliguss angulic
. aquales, quibusaguplinlatcra |
' 7 /'u%tmdumm AT
=SInt duo triangula ABC, DEF, que
duolateraAB,A C,duobusD E, D B
#quatia habeant, viramque vtrigue, AB
‘A : ipiDE,&ACi-
Z P . pliDF, &aogulit
B 4\ ’é -BAC, angulo

= ¥ EDF.Dicoquod
. &
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A - 2 ®bafisBC,bafi EF fitzqualis; &trian-
,,A A gulum A BC,trianguio D E F, &raliqui
37 ¢ ¥ angulireliquis, vierquevtrique, quibus
"~ gqualialaterafubtenduntur,népe AB C
iphDEF; &ACBipi DFE. Sicnim
® fiperpe- triangulum ABCtriangulo D EF* con-
mitur,  proat,& A fuper D ponatur , 4 ¢ongruet
#axd.  ABre@arc&zD E&BipfiE,quod AB
‘ - .Jitaqualis D E.Congrueatcigitur A Bi-
| pfiDE, congruet & A{Cipfi D Fiquod
angulus B A C angulo E D Ffic zqualis:
ideo & Cipfi E congruet, quod & A.Cz-
1 qualisfitiphi (& F.Sed &Bipfi E congrue-
~ bar.Qyare & bafisB Cbafi EF congruet.
Sienim conpruente BipiE; & CiphiF,
bafis B Cbafi E F non congrnat;contine-
baw.ia. buntduzre@zfpacium; b quod figri ne-
quit.CongructergobaflisBCbafi EF, &
zqualisilli erit ; adeoquc totum triangu-
lum A B C totitriangulo D E Ft&gruee,
tend,  tcid; zqualecrit: congruent ergo B reli-
' quianguli reliquis,eritque A B Cangulus
b angulo,DEF,&A CBipfiD FEqualiss
4
" Siergoduotrianguladuolateradyo-
s lateribus zqualia habue
- dng&a )

‘Pro-



TrrsEr 1 ¥
Propof 5. Theor.zs.
Yfofeclinms triangulorum anguli ad bi-
Jim funt equales: & produitss aquali-
bmredss,erant & anguliinfra.

'  bafimaguales.
A It triangult ABC,
; habens%atus AB,la-

teri A Czquale. Pro-

. ducantur in direGum

B ¢N\\G ABACreGzinDiX

= . E.Dicoanguli ABC,

; mgulo ACB;&CBD,

- - . iphBCEgqualemef-

fe. Accipiaturin B D, quoduis punétum

F;& sauferatyr 3 maiori A E,minori A F ——
sequalis A G:bducantur§sree FC,GB: b pog.,
&cum A Fipfi A G;& A Bzqualis fitipfi
A Cjeruntduz F A,A C,duabus G A,AB -
equales,alteraalteri,continentqueangu- ¢ prop.£ua
lumcommunem F A G: eericigitur bafis
E Cbafi GBgqualis. & triangulum AF C

" griangulo AGE,& reliqui angulirel.quis,
alt¢raleeri, quibuszqualialatera fubrea-
duntur;nempe ACFipiABG,&AFC
ipiAGB. Etquiatora AFtotiA Gz-
qualis cft,quarum A Beft gqualisipfi dA‘:C;
P . rig
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16 LIBER L .

derit&reliquaB F, reliquz C G equalis.
Oftenfaautem cft & F Czqualis iph G B.
Cumergo duz BF, FC duabus CG,GB
zqualesfintaleeraalteri:& angulus B FG
angulo C G Bzqualis, &bafisB Ccom-

C G Bgquale,& reliquianguli reliquis al-

ter alteri,quibus 2qualia latefa fubtédun-

tur:ergo & angulus FB Cangulo G CB,

5" &BCF ipfi CBG #yualis erit. Etquia

. totus ABGrroti A CF oftenfus cft zqua-
\ lis, &CBG ipfi BCF; erit esgo & reli-
£.quus, AlB Creliquo A C Bgquans:& funt
‘ad bafim trianguli A BC; oftenfuseftau-
tem F-B Cangulus, angulo G CB zqua~
lis, & font fub bafi Jfofcebinm igitus cris

- «savgalorumanguliad bafim gqualesfuﬁtf

£ & produdtis 2 nalibus latenibué , etiam
anguli infra bafim.Quod dempnftrare 0+

porchits

Propofs. Theori3.
Si trianguli duo anguli arq»}éle:'ﬁleﬁ_
rint,exunt &rlateracequalesangulos
" fubtendentinagualia,. -
Slt triangulum A BC habens angulom
' 1‘\3 C,angulo A CBzqualem. d::'; f:

oo munis, ¢ erit triangulum B F C triangulo



LIggR L -
leera A By A Caiqualia effe. Stenimfune
ineequalia;erit alterfy maius,fit maius A B.
« Auferaturamaiore A B, minori A Cz- aprep 5.1,
- qualis DB.ducatur§; DC.

g 2 - €imergaDB,ACzqua-
‘ \ .- les-fint , communis verd
BC; erunmtduzDB,BC,

BL£—G Juabus AC, CBzquales, -
‘slcera alteri,8cangulus D B C 2qualisan-

gulo A C B:bigitar& bafisD C, bafi ABbprep.g.s.
ericzqualis,& triangulom ABC, triangu- .,
lo D B C,minus matori, ¢ quod eft ablur- cox.s.
dum;nd iﬁ:mﬂh zqualiseft A B,ipi A C::
ergo ¢qualis. Quarefi trianguli dyo angu-~
lixquales fuerine, erunt & latera,xquales
angulos fubtendentia, 2qualia. quod de-
monftrareoportuic. DR

Propof.7.Theor.4." =
Super eademreltalinea, duabus recin,

limess, alieduareile aquales alteraab . s

 seri,mom conflituchitior, ad alind atque S
~ alindpunctam , ad eafdem partes, g
¢ofdem g, cum prims duikis ser- 4 N‘
)7 .

minoshabenses.

I enim fieri poteft conflitnatur fapec®
cademreQa linca A B, duabus re@is
SN - B AG,

l

7l



sprop s,

baxs.

‘€_D ACCBduxaieADDB

zquales, alteraakeri,ad a-

lind atque aliud punGum

. C & D, adcaldem partes

A - B C,D,eofdedh terminosha-
bentes A, B, quos prima:ita, veC Aipfi
D A, eundem cum ipfatétminum A ha-
bens, CBverd ipfi D B, eundem cumilla

terminum Bhabens, fitzquilis , & duca-
“wrCD. Cum ergo AC fit equalis ipft

AD, a erit&angulus A CD zqualisan-
FuloA D C:maiorergoeftA D Cangu~
u

s, angulo DCB: multo ergo maioe .
€ D B.: Rurfuscym C B 2qualis fit ipfi -
B, exit & angulus CDBanguloDCB . -

ualis:oftenfus autem eft multoillo ma-.
ior. b Quod fierinon poteft. Nonigitur .

fuper cadem reQa linea duabus re@isli-
ncis, aliz duz re@z zquales, altera alteri
conftituentur ad aliud atque aliud pun-

&um, ad cafdem partes, cofdem cum
primo du&is terminos baben-

. tes.Quod demonftrare

' oportait.

oo R

Pro-
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| Propef.8. Theor.y.
i duo trianguls dio latcra duobusls-
seribmagualia habuerint, habuerint
werd & bafim bafi aqualem , habebunt
" qwogueangsinm equalibuslase.

vibue contentums angule
agualem.

A D A D
lAA 4 1\ e
Sint duotﬁahfuh ABC,DEF,qua
habeantduolatera AB,AC,duolnis
DE, D Fzqualia, alterumalteri, nempe
ABipfi DE,& ACipfi DF;habeant quo-
quebafes BC, E Fzquales. Dicoquod &
angulus B A C,angulo E D F fitzqualis:
Congruente edim eriangulo ABC, trian-
uloEEF,poﬁéoc'l; Bfuper E,& re®a BC

}uperE F; a congruct & CipfiF; quod skl

B C, EF zquales fint. Congruenteigitur
iphB Ci'pl?E_fj‘.con uent&B A, C A,
ipfis E D,D F.Quod h congruat quidem
bafis BC,bafi EF:at B A, A Clateraips,
- Bia  EDy

!
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e EIBEXR'L
E D,DF.non congruant,fedalid cadant,

bprep7.1. ytfunt EGOF,b conflituérur fuper eadé

re@aduabusreis, alizduz re@z zqua-
les, altera alteri, ad aliud arque alind pun-

/9" &um,ad eafdem partes, cofdem terminos
3~ ¢ £ —7 habentes.Athon conflitvuntur, Non er-

gocongruente bafi B C,bafi EF,n5 con-
gruentB A,AClateraip(is E D,DF:con-
gruent etgo,quare &angulus I A Can-
gulo E D F congruet, eique zqualis erit.
Sicrgoduotriangula, duolatera duobus
lateribus zqualia habeant, alterum alteri,
habugrint verd & bafim| bafi zqualem,
habebiit quoq; angulum zqualibus late-
ribus contentum,angulogqualem.Quod
oporwit demonftrare. s

- Propof 9.Prabl.s.
Dasum angulumre&ilinewm bifs-
riam fecare. o
A : Tedatusangus
. Slus re&ilin%us
BAC,quemo.

B \ , porteat bifariam
/9 7 fecare. Accipia-
- F

tur qaoduis pii-
<. @umD. Atque

apropste dcx ACipfiAD zqualisauferatur AE: &

fuper -

= W

T -
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faperduGam D E, b conflituatur trian- g yyqp,s,s,
uli gquilaterum D EF, & iungatur A F,
%ica angulum B A'Crectd A F bifariam
fecari. Cum enim A D, A E zquales fint,
communis A F;eruntduz. D A, A F,dua-
busE A,A Fzqgpales,alteraalteri,eft verd
& bafis D F bafi EF gqualis: ¢ ergo & an- cprop.2.1.
lus D AF, angulo E AF zqualis erit.
glatns'ergo angulus re@ilineus. BAC i
re&a A Fbifariam fecatur. Quod facere
oportuit. = .
- Propof. 7.Probl.s,
.. Datamyeilam finitambifsriam
- o fecares...
€ Clhtdararé&afinita AB,
\. "+ A qui oporteat bifariam
- fecare.Conflituatur fuper
-l ygisngulom gquilater
B0 ABC, a8 feceturangulus o ypp. .4
A CBbifariam re@iC D! Dicorc&tam
A B,in D bifariam éflefe@am.Cum enima
AC,CR aqualesfint cdmunis C D:erunt
duz AC, C Dyduabus BC, CD equales,
alceraslteri;& angul’ ACD angulo BCD
equalist Figitar & bafis A D zqualis eft p prep, 4.
bafi BD.data ergo re@a finita ABin D
fe&a eft bifariam,quod faciendum orat. -
v B3 - Pro-




3 'ﬂ), 2,1,
b propi-t

c'ro’.'._l.

ddefore,

A
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‘Propof.11.Proble.
Darerellelinegexpunio in ills date
lincamredtam adengulosretios
duceres.

1T data re@a

AB,datumin

illa pun&um C,

aportearq; ex C,

ipli A B-reGtam

lineam ad angulosre&os ducere. Accipia~
turin A C quoduispun@um D, & 4 po-
natyripfiC D zqualis CE, b coftituatur-
§ue fuper E D triangulum equilaterum
FDE,& ducatur FC.Dicoad pun@um C
datz re@¢ A B adangulos reGos effedu-
&amF C,Cum enim D C,CE fint gqus-
{es, ¥ C commanis;eruntdua DC,CF,
duabusEC,CF zquales,altera alterisfod
& bafis D F, 2qualis cft bafi E F:erit ¢ er-
go &angulus DCFequalis angulo ECF;
& funtdecinceps. 4 Quandoautem recta
{uperre@am confiftens, cos quideinceps
funtangulos, zquales fecerit, reGus eft
vterq; equalium angulerum ; re@iigitur
funtanguli DCF,FCE.Quaredatgrecigs
ex piioinilladato, duéts efl ad anguloe
recos, re@a F C. quod facere opartuite .
o o Pre-
20,

%“
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" - Propof.iz.Probl.7.

extraillamperpendicularens

b E  “noneft, perpendicu-
Jarem re@amw ducere. Accipiatur adalte-
ras parteszeéte AB,quoduis pun&a D, &
# centro CimerualloC.D cir/q'ulus EFG
defcribatur , b dividatorque E'GjinH bi-
fariam,du&is ne&is C G,CH, € E. Dico
quod ad datam infioitamA B, 3 pun&o
extraittam dato €; perpendicularis duéla

A4 datam infinitam,i punito n’au j

veliam ducere. i
F . SI; data reéls infini-
taAB,pun@iicxtra
illam C. & oporteayad
Y. reQam datam A B ex
v gpun&o C,quodinilla

apoh.s.
bargp. e

fitCH, Cum enim GH, HE fintequé- .-

les,HL.C comnbais: tuncdex G H, H.C,
duabus EH({H C #duales, alterasiteri;

ieboye v

, ¢led &bal CG.bas CE ol aquulisgerit ¢ g py,
,  dergo & angulus CH G angule EEIC dprep 20
aqualls, 83 funt deinceps.s quandb aucem o4sf. i

zeChafuperredia donfiflens, ads quiddia-
1 oepsfuntadgulos, zquales Fecetit, ré@ids
| sftvterqueaqualium angulorsm, &3af-
Rens linga, perpendicularis dicituceius,
e ) B 4 cul
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cui infiftits; (Lgread datem re@am infi-

c
/:\ . p“.m AB a pun&O extra dlam dm C,

> \\ §T /. erpg\ndlculansdu&aeﬂ: CH. qupd fa-

X 7ccre oporteba

Fropofn Tbcor 6,

,diado Linea recta ﬁcper reé?m Ron-
2+ fiflens.angmlos facitiaus duos re-

IR ﬂo:, aut daobwr;}l«qﬂa— e

R i::qum. wo

T
. [
)

[T

: E&4 eriim nzdam
A RAB,fuperr:l&aCD
- confiftens, angulos faciay
. CBA, ABD. dicoillos}
autduosretos, autduo-

:bt:s reis zqualeséffe, Sienim CB Aipfa
adeae. ABD,cft zqualxs,duoa.re&l funt,8inonz

dncatar 3 pun&o B ipfi CD ad angulos
bdsf.1e, reCtos,BE:bergo CBE,EBD duore&i

I funt.thunaCBEduobusQ BA,ABE,
.t + . aqualis eft; (iapponaturcdmunis EB Dy
o o erantduo CBE, EBD;tibus CB A,
ABE,EBD cqualcs ~Rurfusciiangulus

DB A, duobus DBE, EB Azqualisfie,

" fiaddatur comunis ABC;eraitduoDBA,
.ABC:ribtkDBE.EBA.AB Cz:g(:let.

cn-
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. Oftenfum eflsutem & duos CBE,EBD
ijfdem tribus, zqualcs effc. ¢, Quie autem Co¥re
cidem (untzqualia, &inter {c{unt zqua-
lia:duoigitur CBE, EBD zqualesfunt
duobus DBA, ABC: :fed CBE; EBD
re&i funt: igitut DBA, ABC. duobus
redlis zquales, Siigitur reQa fuper re@d .
confiftens,angplos facit,autduos reClos,
" aut duobus reigzqualesfacit. O\uod Q-
portu}t demonfirare. .
- Propofitio 14. Tbcon
.S‘: adrcéhmalxqum lineam, 4rgaud /
)un[fam in 14’4 dstum, dukrécie nom |
ad u/a‘em partes daile angulos, qui
detmep;ﬁmt dnabta rectis aquales
ﬁ:l'ﬂm, ¥n direiium eruns \

A ah 'l“ “‘f‘ P //N
D reéhm A R,&ad pun&um inilla
datum B,duz re@zB C, B Dnonad

eafdem partes pofitz, faciantangulos de-
mcc sAB'C,ABD duobusrc&xs zqua-

ito B DY xpﬁ CBin direGum .effe.
v (LodﬁBDipﬁBCno
»-  fitin dire@ow, it BE.

- ‘Cumigitwrre@a ABre-

‘&z CBEinfiftat, @eriit aprepiz.0e
anguli ABC, ABE
B duo-
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duobus re&is gquales,Sunit verd 8 A BCv
A B D duobus re&is zquales: anguliigis
turCB A, ABE funtangulisCB A,
ABD,zquales. Communis A B C aufe-
bery  rawor: b reliquus ergo A B E, ' reliquo
éo%.5v  ABD cRaqualis, minor maiori, ¢ quod

A fieri nequit. Non ergo BE in dire&tum

eftipfi B C. Similiter otendemus nullam
aliam efle, preter B D1 in- dirc@um crgo
8 EeffBD,ipi CB.Siergoad reGam, & ad
¢ pun&umin es,datym due re&z non ad
cafdem partes pofitz, angulos q;ni dein-
. eepsfunt, duobus reGiszquales fecerint,
indire&um cruatillg duz linez.quod de-
monftrare oportuit, o \

Pr,o.p‘oﬁt'i_o 15.Theor, 8. o
| Siduareite fcinnisempecucring,angn-
\ ' losad verticem aquasles
YV : 3 - [
SR - facient.
- E&z AB, C Dyfecent
p , Rfc in E pun&o. Dica
. quod tam angulus AEC,
angulo DEB,quam CEB
5 Baugulo AED :;ralis fit.
. \ Cum enim re@a AE refle
) C Dinfiftay, faciésangulosC E ALA ED:
A . , U gerune

G
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seruntipfi duobusretis zquales.Rusfus

cam re&ta DB reGiz A Binfiftar, facien® g prepingiie
angulos AED,D EB,berunt &ipfiduo= bprepurgate
bus reétis zquales. Ollenfi aucem funt 3¢

CEA, AED duobus reflis aqualess -

Quareduo CE:A, A ED,ducbus AED, -

D E Baqaalesfunt. auferatur communis

AED: ergo reliquus CE A, rcliquo

BE D gqualis eft.Parizer oftédetur C l?. B,

D E A zquaks effe. Si ergoduz re@z (o

inuicem focucring, faciens angulos.quiad

verticem funt zqyales.Quod demonftra-
‘feoportuit - )

Propofitio 1. Theor. 9.
Omni triangnli vmo latere producte,
externus sngulus vivelibetintarna

TR .~é0’pgﬁfamdqrq¢;'

.S.Ic triapguli ABC,

& voumiipfiaslatug
BCinP producatur..

Dico angulum exter-

" num ACD maiorem

- effe intergfis &oppofi-
s CB A,BA C.a Bi- 2001
fecetur ACinE,& du-

+ .. . Qs BE produgatue in

. ) F, (it~
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| F, firque ipfi B E gqualis EF, iungatur

.. -+. CF,&producaturACin G.EtquiaAE

; oo ipfi ECeftzqualis; erunt dug AE, EB,

| duabus CE, EF zquales; alceraaleeri ; &

{ bprop.rs.r. angulus A EBianguloF EC eftb zqualis,

cprop.¢.1. funt enim iad verticem: cigitur & bafis

AB, bafi F C equalis erit, & triangulum

A BE tiangulo:FE C; adeoque & reli-

qui anguki reliquis, altct aleeri, quos z-

qualia, fubtendunt larera ; Erit igitur &

angojus B AL angulo ECF zqualis; cft

devss  dauremE CD maior,quam ECF:Ergo

A _~ /dofeto BC latere bifariam demonftra-

S B biturangulus BCG, hoc eft, ACDma-

/ AN ior effeanigulo A BC. Ompis ergo trian-

— %__¢y  Dguli vnalatere produdo externusangn-

B '/ 1\ lusvtrouisinterno,& oppofito maioreft,

| § 7/ '\ quodoportuit demonitrare.”
L . Propofitio 17. Theor.r1o.

Ji Omnis trianguli duo angyli dyobus re.
. Glismiporesfunt y quomodocan.-

A S Irtriangulum ABC,

-/\ I Dico duos eius an-

ulos minoreseffeduo

g bus redis quomodo-

<cunque

r8 A CD maioreftquam B A E. Parimo--

T e L ew
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LIBER'L 29
docunque fumptoes. Producatur BCin
D. Etquiatrianguli A BCangulus ACD
externus, 4 maior eftinterno 8 oppofito apr91¢.%
A BC. Sicommunis apponatur ACB:
erunt ACD, A CBanguli,maiores ABC,
BCA angulis: Sed ACD,ACB3duo- bprepaps

‘bus re@is funt equales :Ergo ABC,BCA

.' minores.Similiter oftendemus tam BAC,

ACB; quam C A B, AB'C duobus re&is
effe minores. Orinis ergo trianguli duo
angult quicunque-duobusrectis funt mi-
nores, quod oportuit demonftrare.

‘ Propbﬁtio 1. Theor. 11.

omnis triangnli maius lasus maiorem

,4ngulum'ﬁbtendit, o
A : Ittriangulum ABC

TN " «Jhabéslatus A Cma~
D juslatere'AB. Dicok., - - -
. c-atigulumr A B C maia-

o - 'rem eflesnguloB C A,
Quia enim A Criaius eft, Guam A B; fiat
A Dipfi ABzqualis: & ducatur BD. Ee

4 quia trianguli BD C externus.angulus , prop 16,5 '

A D B, maier ft interno & oppolfito
D CB,& b zqualis angulo AB D, quod bprep.g.re
latcra. AB, A D zqualia fiat, maior crgo

: ctiam

.
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o etiam ¢t AB D quam A CB: multo ergo
‘i~ _p maiorerittotus AB Cyquam ACB.Om-
.~ nis ergo trianguli maius lacus, maierem
- . engulum fubtendic.
Propoﬁtip 19.Theor.12.
Omni sriangsli maior angulusmsiors
lserifubtenditar.

o

__— - Jasus AC maiys cffg

fatere AB. Si non:erit AC ipli AB aut

~ zqualcautminds. Non zquaﬁl'. Siehith
A 221, 2quale, 4 cffet & angulus A-B C angulo
' ACB zqualis: at non eft: ergo A C 2-
uale noneftipfi AB. Nonminus:tiam

boropalas. 2 AC minus effet ‘quam A8, cfletd &
angulus ABCminor angulo ATB; at
soneft:non ergo A Cminuseftipfo AB.
Oftenfum autem eft,quednec zquale:er-

‘ - gomains. Omnisergo triangnli ma-

ioriangulo maiuslatus
fubtenditur.

. e

it trianguliABC |

- Yhabens angulum
ABC maiorem ane
B ¢ guloBCAdico &

e~

e o T paet pemrf) T PP
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Propofitio 20.Theor. 1 3.

Omnis trianguli dno lateraréliquo ma.
iora funt quomodocamgue

[t?mpta.
v Clt trianguli ABC.
S dico ducg:llatera BA,
A C, maiora effe reli<
- " quo BC;&AB,BCreli-
'3 Z0 @ quoAC;&B C,CArec-
liquoAB. Producatur
enimB Ain D; firque re&a D AipfiCA -
zqualis, &:ungatur DC CumergoDA
ipfi A Cfitzqualis; erit &cangulus A D G;

angulo AGD zqualis. Sedw BCDan< %5

gulus maior cft angulo A C D; maior er-
ctiameft BCDnyfoADC Etcum .

E)C B (it triangulum habens dngulom
BCD maiorem angulo A DC, b maio- bﬁ'f«'-'-h
rem autemangulum maits latus fubten- S

dat;erit D Bmaiusipfo BC: zquale au-
tem cft DB ipfis AB, AC:maiotaergo - -. 7

fant BA, AC, quam BC. Omnis crge

. trianguli duo latera reliquo maio-
rafunt , quomodocunque
. fumpta. v

ey 0 7

Proe
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Propofitio 21. Theor.14.
Si & termini uniss laserss trianguli
due recta intra conflituantur , érunt
ba minores reliquis dnobus trianguli
lateribus , ar maiorétn angulums
' contimebunt.
- A terminis lateris BC
trianguli A B C con-
& flitvantur duz re&z B D,
CD intri. DicoBD,DC

reliquis trianguli lateribus

B €BA, AC migores efle;at
*.." " angulum B D Cmaiorem conrinere, an-

guloBAC. DucaturenimBDinE. Etv

 apropaae.1. #quiaomnistrianguli duo latera reliquo

- maiorafunt: eruht & trianguli ABE , la- -

" tera AB, A E maiora BE latere.appona-

bavs. tar communisEC,beruntqueBA,AC
majora ipfis BE,EC. Rurfus trianguli
sprop.ao,t. CE D latera CE, ED emaiorafuntlate«
re CD,communisappenatur DB;crunt-

que CE,E Bmaiora ipfisCD, DB: Sed

B A, AC maiora oftenfa funt ipfis BE,

, E C;multoergo AB, AC maioraerunt
dproprea. ipfis BD, DC. Raurfus; quaniamd om-

' nis trianguli externusangulus interno, 8
. oPPO-

Ty

g
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| bppofitaelt maior; erit& erianguli’CDE,
externus BD C, maior interno CED, .
Eandemob caufam erit trianguli ABE,

| externus CE B, maiorinterno BA C:fed
| &B D Coftenfus eft maior, ipfo CEB:-

multd ergomaioreft BD C,quim BAC,
Quare {1 4 terminis, 8. quod oportun
demonftrare, :

" Propofitio 22, Probl.8.

| Extribusrects , tribus datis reétis a-
| qulzbw,trungalumcnﬂmme Opor-
| et autem diias, reliqui m‘mre.cm]é)

quomodocumgue fumps as, guod ommis,
- trungul: dso latera religno ma-
iorafint,quomodocan %
Samantar.

Qat tres re&z, A,B,C, quarum duz.

guomodocunq, fumptz reliqua ma-

~F;—’ C fa
—qB

A' A ‘ ' A

iores fint,ve A, B,quam C; A, C quam B;

ﬂ'l-

B,‘C quam A. Oporteat gtem extribus, -
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fitucre. Expofita fit re@a quedam D E,

897934 germinata ad D,interminataad E ; fitq; #
-2 DFipfi A.F GipfiB; ipfi Czqualis fala
G H. Defcribatur centro F, interuallo
K 7 FD,circulus DKL: Centroverd G , in-
/Y . yteruallo G Mycirculus KL H;iungantur-
.3 £que FK, KG. Dicoex tribus FK, K G,
7+ GF zqualibus tribus datis A, B, C trian-

" baefus. Feegtrum ficcieculi DKL, berit F De-
“r qualisipfi FK; fed F D eft zqualis ipfi A;

saxt.  lisipi GK;fed GHaqualiseltipfi C:ee-
: ritergo & GKzqualisipfi G: Eft vero &
FG zqualisipfi B. Tres ergo KF,FG,GK
. mquales funttribus datisA,B,C Quareex.
m‘%us KF, FG; GK, zqualibustribus A,
B, C triangulum cft confiitutd. Quodfa~
cercoportuit.

;f."_‘;‘;,,,__‘ "“Propofitio 23.Probl.y.
um dato anguloyectilineo,aqua-

K- . lem angulumreitilineum

T e

NRY, ’/‘ S ,‘/A)(\S- . Sit

—

[RY]

Ry
~
v .

s
P s [ P,

< »~——  tribus A, B,C, 2qualibus triangulom c5-

eax.1.  cergo&FK,eritzqualisipfi A.-Rurfuscii’
ddefis.  Gfitcentriicircali LKH} erit GH #qua-.

o o Addatam redtam, datumz,-ihu pus- '

_ gulumFK G effe ¢5ftitutum, Cum enim

. e v D rmren. g el gl e
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S[t ditare@a AB; datﬁq, in eapun@ii
Ay dams'angulus re&ilineus D CE,
Oportca; autem ad pun&tum datum A,
datx re@z AB; dato angulo redilineo
DCE qualcm angulum re&xhneum
conﬁituere. ‘Capmntur in vtraqué CD,

: C E qualibet
A pun&s D.E, &
fungatur D B2

Irc&ls §-quaE 2
-quales fint tris

' busCD, DEj
| BC, trimgnlum AFG conflivnarer i itk
vt C D aqualisficiph AF; CEipfi AG}

‘,“' ','
.. N

‘DE AFG: CutnersoduzDC,CEz-

4 atq; extribus agropass

_.Q, 1 \ -]

tvci‘o‘& bafis DE zqualisbafi FG; decht bprop. 13

#4anghlus DCE xqualis angulo FAQ.
:?:lad datah re&am AB, dg::’umquem

| el punédm A ; -dato feQifineo anguld
' ‘ﬂC Ejequilis angtlus Ee&il?néusF A G
eﬂ conﬂi’mtus’. Qodopor:mt ﬂcere. B

RS R

i fint dirabis F &, A G, alteraaleeri}
|
Y

\ el Propoﬁnou.'l'habr s -
‘ :dxo trianguls duo latera daohy la.

Imhﬂ agualiahabyerint, alseram -
. Ca  serj;

-

ERRRTEY
N ‘b

L
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teris angulum vero angulo mdorqii,
gnitgulx‘bw redu lines conti- - '
" mestr, Crbafim bafiwrsio= ~
' rembabebayr.” . !

D E¥, haben-
— 3 tia duo latera
B LT R F A B,A C’QUO'
bus D E,D Fzqualid,alcerumalteri: A%
quidemipfi DE; ACvexdjpfiD F. At
angylus . BA C maior fit ahigulo EDF.
Dico & bafim B Cmajorem ¢flc bai EF;
Cum enjm angulusB A Cypalor it EDE
aprep.23.1 angulo,4 conflituatarad pup@um D rex

&z D EanguloB A G,2qualis EDG, fity
o800 gue visigpe A C,DF 2qualis DG &in

gy GE, FG., Quisjgitur AB jip

WE & ACiph D Grgualiseft; erung

Aue B A,A CiduabysiE Dy DG agualis,

alteragleeri; eltque deangules BAC,
bprep.4.1. gu r?];)p.G

a8

loE.D G zqualis: berit igitun & ba

C,bafi EG zqualis. Rurfus quiaD
a. ipl DEcfaqualis,& esngulus. DEG an-
des. " gilo DGF; deritangulus D F G maige
agulo 'EGF : multp ergo maior crit
EFG,iploEG F Et quis EF G erisn

« gulum

—e o 2 OO0 g =
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babeagangulum E F G maio-
fem aug o EGE (emaiori AULEM ANGUr eprap.19:K
lo maius latus fubtenditur ) erit & latus
| EG maius latere EF ; 2quaje autem cft
E Gipfi BC: maius crgocll & BC,iplo
’ EF.Siergoduotriangula,&c. quod onr- N
tuit demofiffrare,

Propofitio 2 §. Theor.x G.

: Sidug #rungula duo latera duobus la-
| teribus 2qualia habucrint Lalterum al-
t(r:, & bafim bafimaiorem , & Mga.
lmwgulo,gmzqualzbm lateri-
' bus continetwr,maiorem
/ubeb:mt.

i A v D Smtduotmn gu-

| '. 1aABC,DEF,
P j " duolateraAB;AC,
' cp (thmbus DE,DF

r habétia zquaha yal-
' terum alten AB xpﬁ DE,&ACipti DF:
' Bafim verd'B Cmaiorem bafi EF. Dico
& angulum BACangulo E DF maiorem
l ¢ffe.S1 non:aue: zqualis eftyaut minor. N§
' equalis; Nam fi angulo B A C,angulus
' E D Fzqualiseflet,a effer 8 balis BC,ba: aprep.g. 1.
GE F xqualis; at non eft; non ergo an-
[ L C 3 gulus

—
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gulusBAC anguloEDF'éﬁ! ualiv. Sed ¢

bpnp.u- 1 neque minor: nam & mhinot effet; b effer

X
& bafis BC minor bafi EF: at nomef: *
nonergo angulus B A Ciniinor cfbangu- ¢

1o E D F.Demotiftravum:¢R dutem,quod *
necequalis : maior ergo erit. $i ergodud
triangula, &c. (Lod dcmohﬂrarc opor- *
{11 2
V Pr:poﬁnazs Thcor 17 53
8i duo triangula duos angulos dwha \
_mgulu equales habuerins, alserumal- :
teri ¢ umum latws ui laters agtulep }
Jewquod equalibus mgular adiacet, [¢# ¢

qisoduni equalinm angulorum fubien- ¢

diswr s Grreligualaterarelignss lateri-
- bus,alterum alter:,é'relquuwm- c
gul«mrelxquomgula,agualc'l i
Im&e unt.. ’q

G IN'rduo |
‘ tl’laﬁ e
: \ la AB Cf
L ¥ DEF,duos

!mgulos ABC,B C A,duobu¢ DEF,EFD
zquales hibentia, alterum alteri, ABG
quidem 1pﬁ DEF,& BCAipfi EF D: ha-
beant vero & vaum latus vai latm :equlaJ

R Co
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le. Et primo quod zqualibus angulis ad-
iacet,nempe BC ipGEF. Dico quod &

.1 reliqualatera,reliquis gqualia habeant,al-
terum aleeri,ABipi DE.ACipfi DF,& - -~

reliquumangulum B A C reliquo EDF.
Quodfi AB,DE inzqualia int; voume-

ritmaius. Sitmaias A B:afiatq; ¢pfi D Eapreps.ri

zqualis G Blinea,& ducatur GC. Cum
igitur tam BG,DE; qui EF,B Czquales
int; eruntduz BG,BC,duabus DE,EF
rquales,alteraalteri; & angulus GBCan-

Eulo-DEF #qualis:h erit ergo & bafis & C borep-# 8
a

fi DF zqualis,& triangula G C Btrian-
gulo D E Fzquale,reliquiqueanguli reli-
quis,alter alteri,quibus gqualialatera fuh-
tenduntur.Quareangulus G CBaqualis
eritangulo DFE:fed & D FE ponitur -
qualis1ipli B C A : eritergo B C Gzqualis
ipiBC A, minor maiori, quod fieri ne-
quit: ndergo AB,DE inzquales funt: er-
gozquales. Et ver6 & BCipiEF qu:n-

hs:duzergo AB,BC 2quales funtduobus
DE,EF,alteraalteri,&angulus ABC an- C
gulo DEF:cergo & bafis A Cbafi DF.& carp. 4.1

reliquus angulus B ACreliquo E DE 2-
qualis eric. Rurfus fint latecaarquales an-
gulos fubtendentia, AB,DE zqualia,dice
&reliqualatera,reliquislaceribus,vt A C,

- C 4 D FQ

3
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D¥,&BC, EF, reliquamque angulun
BAC,reliquo EDF,2qualem cfle.Si caim
BC,EFfuntinzqualia;erit voum maiuss

dprop-3.1. i, G fieri poteft,maiusBC,& dfiatipli EF
zqualis BH,iungaturg; AH. EtquiaBH
ipfi EF;& A Bipfi DE

teraalteri, continentd, angulos zquales+
PE e L bafis crgo AH,bafi DF el§ rqualis, & tri-

angulum ABH triangula D E Fyreliquig; |

anguli reliquis,alter alteri,quibus qualia
A 5 latera fubtenduntur, zqu;}cs erunt. Eft
/ / fed EFD zqualis eftanguloB C Azeriter-
- /.. go&BHAzqualisipi BC A. Trianguli
"¢ T F ergo AHCexternusangulusBHA zqua-

a\ 28 /\ igitorangulus BHA¢qualisangulo EFD:

equalis eft: erant

v - duz AB,B H,duabus DE,EF zquales,al-

fpropaé.s. lis oft interno & oppofito BCA,fquod ! |

ficri nequit: igitur B C,E F inzqualesnd
funt; zquales crgo, Cum verd & AB,DE
fint gquales: erunt duz A B, B Cduabus
DE,EF zqualesaltera alteri, aqualefque

g srop.g2.r A0gulos continent:gergo & bafis AC
angulo DEF, &reliquus angulus BAC,

rcliquo EDF. Siergo duo, &e.
‘Quod demonfirare opor- :
. portuit.

e -

LI

Pro=

fi D F 2qualis eft, & triangolum ABC tri- |
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_ Propofz7,Theor.18.
“Siin duas reciaslineas reGaincidens 3
angulosalternosequales feceritpa- o+ 5
ralleleerunt ille linea. 7

vIn dussre@asAly ¢ P

CD incidensre-

; » - %Z  @aEF faciatangu-
losalternos AL F,

E FDzquales. Dico A B;C D parall¢las

‘effe.Sinon; produ&e concurrér, aut ver-

fus partes B,D;aut verfus A, C: produei-

‘tur,& concurrant verfus partesB,Din G,

« Eftitaquetrianguli G E F angulus ex- agrop.us.te

ternos A E F maiorinterno, & oppofito

E F G:fed * & zqualis; quod fieri nequit: = 4 4.

non ergo A B, C D produ@z concure rhef,

runtverfuspartesB, D. Pariratione de-

monftratur, quod nequead parees A, C:

& quzautemin neutram partem concur- bdéfza

sunt, parallelzfunt: parallelz ergo funt

AB,C DsSiigitur,&c,quod opor-
tuitdemonftrare.

- I

Cs Pro-

G
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Propof.28.Theor.19.
.Siimduas reGlaslineas véta incidens,
angulum externum interno, & oppofi-
to, & adeafdempartes, equalé fecerss:
velinternos, (5 adeafdemparses duo-
busreitu qa:k.r,p&raﬂehr cr:mt
:ﬂx lmu

incidensre®a EF, ex-
=8 — teroumangulum EGB,
< interno , & oppolito
F GHD zqualem Ef,auat‘

autinternos, &ad cafdem partesBG
G H D duobus re@is zquales. Dico A B.
, CD parallclas efle. Cumenim EGBan-
*ex bypo. gulus, *zqualis (ir,& angulo GH D, 4&
thefi.  anguloAGH; B erit & A G H zqualisi-
sprop 151, pli G HD. ¢ & (untalterni: parallelg er-
bax.r, gofunt A B,CD. RurfuscumBGH,
o GHDduobusrectisine zquales; dfint

prop.ag.a.

autem & A G H, BGH ducbus re@is 2-
qualesserunt AGH,BGHipfisBGH,
GH quualcs communis BGH aufe-
eargy.  Faturieeritigitor reliquus AGH, reliquo
fprop.azs. GHD zqualis £& funtalternifunt ergo
. AB,C D parallclz. Siergoin duasreQas,

&c. (rol dcmonﬂ:ratc oportuit.
Pro-
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s Propof29.Theor.z0.

-Rectain parallelas rectas incidens e-
-qualesfacit angulosalternos: ¢ exter- ’;

“wum interno & oppofito, & adeafdens
partes aqualem: ¢ internos ¢r ad.
esfdem partes duobus reitis

agquslesefficit.

AR

‘Yn parallelas re®as AB,
" AC Dre&a EFincidar.
Dico quad & alcernos
, angulos AGH,GHD
- N aquales faciat ; & exter-
.numE G Binterno, & oppofito,8:ad eal-
dem partes GH D zqualem;& internos,
& ad cafdem partes BGH, GH D duo-
‘busredis zquales.SienimAGH,GHD
‘inzquales funt, vous illorum A G Hfie
-maior : & quia A GH maior ft quam
-G H D,communisaddatur BGH.Hier-
’%s AGH,B G H maioresfanthisBG H,
‘GHD;#fed AGH,BGHduobusre- apreprjae *
‘Qisfunt equales : ergo BGH, GHD
‘duobus re&is minorescrunt. § Quzau-baxrry
‘tem 2 minoribus quam diobus re&isin_
infinittmproducuntur linezre@2 , con-
‘currunt:ergo AB,CD ininﬁn'uun:‘ Péto-
S L. (e ¢ 4
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*¥NH  du@zconcurrynt: at aon concurrunt;
¢ \D parallelz enim funt: ergoanguliAGH,

‘% “G'HD, nonfuntinzquales: igitur 2quia~-

cpropasa.les Porrd e AG Hangulus zqualis eft an-

gulo EGB: Ergo& E G B zqualis erit

angulo G H.D ;: communis apponatur

BGH:ergo hiEGB, BGH, zquales

funt hisBGH,GHD:died EGB,BGH

dprop.13. fune zquales duobus re®is: eruntergo &

© BGH,GHDduobusre&iszquales.Re~

&aergoin parallclas,8c. Quod oportuig
demonftrare, ST

_ : Propbﬁ;o.fl"h;r.z I.
Quecidemretiefunt parablele, & in.
. _t‘;r/& [untparalicle.

. ﬁim It vtraq; ipfarum
% paralicla. Dico& A

30 B,CD effeparallelas,
Jncidateniminipfasre@a G K.Erquiain

R ;g&as paralio:l:asl AB,EFre®taGKiaci-
it; 4 eritangulus A G H, anguloGHF

SRR zqualis. Ruclus, quiain parﬁu.s reGas
byrop,a2.1 & FsC Dcaditrecta GK,beric & angulus
G H Faqualisangulo G X Dioftentus eft

autem & angulys A GK angulo GHF
S xqua~

[N



| “oppofitisest aqualisy &rtresinterni .

QIBER L £
#qualis: ¢ ergo &angolus AGK zquals ., ,.
entanguloG K D:& funtalterni: d ergo dpropabs,’
A B,C P/funzparallelz. Ergb\qu'f cidem, '
& Quoddporwisdemonirare,
v {i,f\‘ypqﬁg_t.l’ro.bl.lb. .
Perdaruinpititum datepecla linee - -
o parallelamduceres. .
S A ,‘»EXdalb pun@o A, .

ot 0y s Dm‘c&ch-O‘:
— . porteat parallelamdu. . -2
. ,31 i..-cére. Accipiaturin BC,
quodaigkivn@amD,iunganturdue A,D.

# & conflituavirad A punGumreipD Aiaprop.a3.t,
a’n?'nlo A D Caqualis D Af,ducaturgs
ipfrABndiraRum A F. b Quizesgoitbyrep.ap.s]
ditas e@isBCy E F re@a XD meidens

a0 !o‘s.uhcrﬂo? E A D, A D‘C'zqualcs IR, 5
faatyetvdt BTE Eparallelz, Perdatum,
.crgop'l_mﬁuq;&&uqmﬂ E;a:nc.dpohtujtq

<10 OPfopofly 2. Thddrgz, 0 v

Ot‘m:i% triangall oo lirexeptoducts,
extérninegnyilas, Wuobm internis, &

* diobusyeitis funt aquales. .- /.
Clteelangulum ABC, & voum eiusla-
JusB C producaturin D. Dico anlgu—

um

[ R :
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5 N A © lamexternum AC:D.
L w2 pay B gquilem.ofié:ducbus.

-intesnis; & dppofitis

/‘<‘z 2/ _\/. . CAB,ABL;&trex
‘ C 1 Pinternos ABG, BCA,

———

Ny
Y
14

3%

aprp.n.a. CABduobnsre&isequales. 4 Ducatur
PP Ciph AB re@a paaliaa c‘g‘-t@s
bprep 27 ergoin A B;CE parallelas cadivA C; b -
: » runtdnguli sitebni B A C;A €E gqualess
Raurfus quia A B, CEparallelz fuar, Xia

sprep-aba. ipfas cadivrelta B D, ¢ eritexternygany
golus EC Djequalisinterno,&oppofito

A B Cuoftenfus eftantamdd i GE=qu

it s BAC. Totus ergo A CDuzqinalis ;T
duobusittechis,& eppoficis BACABC.

ARTRIYS 'Appommr‘coinmuois ACB:8& etung
A CD;A CBaquales thibusABC,BCAL

dprep 310 CAB: dTed A C D), A CBegualesynt
. ducbusrédtiv:digo &ACB,C BA,;GAR

/7 zqualesfancduvbus petisi Omnis ergo

¢+ eiangulh & Quodoporyyjtdembicary,
230, L PrapalizgTheonega.
Linéarelle , gia dquales rparalele

lineas ad eafdem partes cogiungunt

iplé wquakesfunt,Crparallele.’

Slnchualcs & panalicle A B,C D, eus§;
Jad caldess  partes. caniuwgant 'I:&C,‘

- an e e—— -
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.. RAC,BD. Dico & ipfas
A BA C, BD parallelos 85 z-
; ‘quales effe. Ducatir enimi,

C. - BC.Quoniam AB,CD

53 ) D parall% fuot, &in ipfas
incidit B C;4 eruncangulialterni A BC, aprp. 270

B.C D zquales. Et quia AB,C D zquales

filnt s communis addatur B C; erunt dosr

A B, BC,dusbus BC,CD zquales, cftg;

~ abgulus A B C angulo B C D zqualis..

b-Quare & bafisjA C, bafi B D 2qualis e-.p oyup. 4.z,
rit,& triangulum A B Ctriangulo BCD;’ prorg.a

- & reliquiangulireliquis,alteralreri, qui- -

~ buszqualialaterafubtenduntur, zquales

etunt. Eft ergo angulus ACB angulo
CB Djzqualis.Et quiainduasré&ar AC,
B Dincidens re&a BC, facitangulogal--
ternos ACB,C BDxquales;ecrunt AC, eprepuspisy)
BD parallela: oftéfe autem funt & 2qua- o
-« less Ergo linex re&2, quezqua-
les; &c. Quod oportuitde- -
- monftrare. C

- Pres

o
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_ Propof34.Thror.24.
. Pavallelogrammorsm [pacieram, qus
- exaduerfo&latera, & anguli,fune
o dnterfeaqualia, eaque dis-
.. metrusbifecat.” ¢

ESto paraficlogrammum ACD B’
sdiametrus B €. Dico parallclogram- -
mi A C DB, quzexaduerfo, latera&an-
- gulos, zqualia effe ; eaq; diametrum BC;
A p Dbifaramfecare. Cume-

" nimAB,.CD parallele
‘ - fiae, &in-ipfas incidat
- BC; acruntanguliale.
' '3*" © terni ABC,BCD zqua-,
les. Rurfys com AC,B D fiot parallelg,82.
bpropa7sein illasincidac B C,berfie & angylialrerni |
A CB;CB D zquales.Duoergatriangu-,
la A°'B C, C'B D habent.duos angulos
ABC,BCA,ducbusBCD,CBD 2-
quales, alterumalteri, & vaum latus, vni
lateri, quod adiacer angulis 2qualibus, v~
eprop.26.. trique commune B C, e Quare & reliqua
latera reliquis,alteromalecri, & reli&;uum
angulumgcliquo,zqualem habebunt. -
qualeergo cfa'atus ABlateriCD;& A C,
ipfiB D; & angulusBAC anguloBD g
. t

T Rl e

aprep.2p.1
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Etcum t¥anguli AB.C,BCD,qui CBD,

A CBzqualesfint:derit& totus ABD, dex.i
toti A CDzqualis. oftenfuseftautem&
B A C zqualis B D C: Pandllclogrammo-
rum ergo{paciorum qua ek aduerfo, &
latera, & anguli; inter fe zqualia funt. Di-

cp &diametrumilla bifariam fecare.Cum
enim A B,C D ¢quales,& B C commuais
fit:erunt duo latera AB,BC,duiobus CD,
BC gqualia, alceram alteri; & angulus

- ABCazqualisanguloBE Diéeritergo & eprapigar, |

bafis A CbafiD B zqualis; & triangulum

. A B Ctriangulo BCD. Diametrus ctgo‘

BC, pirallclogrammum A B C D bifa-
riamfecat. Quodopottuitdemonftrare;

‘ Bropof.3 §.Theor.2 5. |
Parallelogramma is eadembaff; &iny,  » + -
difdem paralleli conflitutayitper N7

[efunt ayualia. 3NN/

Svm'o paraliclogrima ABCD,EBEC B8 <
inbai BC;&in parallelisAFin BC¢o-

ftirita, Dico A B CD gqualeeffeiph EB

F C.Cumenii A B € D parallclogram~

mum fit,ecrunt BC,A D, zqualesican- apropssur
dem ob caufam E F, B Czquales erjmts

bvade &ADiphi E F gqualis erit;& comis bav.s
B B munis
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_._\/L A D B ¥ munisetDE:e
A

I ergotota AE,to-
'3 s - tiDF zqualiseft.
 Eftdverc&AB

a0, B«

109741 7 ipfi DCzqualis:
Apep s duger. o EA,AB,duab’ lgD, DC zgualcs
eprop.asal funt,alteraalterisfed & e angulas,F D C,

angulo E A Bzqualis eft, externusinter-
fprop.4.r. mo;f quare & bafis EBbafi F C zqualis
erit;& triangulum E A Btriangulo FDC.
gex3- Commune D G Eauferator;& erit g reli-
quum trapezion ABGD,reliquo EGFC
2qualc. Apponatur communis GB C'tri-
bar.a, angulds: b totum ergo ABCD paralielo-
“ &4\~ grammum, toti EB F C zqualecrit: ergo
35 -. X parallelogrimain cadem bafi, &c. Quod
T %’-‘iopomitdcmonﬁrarc.
+ .

Propof.36.Theor.z6.

 Parallelogrammain aqualibusbafibus,

- &indifdemparallelis conflitusa,in-
: terfefunt aqualia.

SVn‘to parallelogramma ABCD, EF

G Hfuper 2quelibus bafib’, BC,F G;

oo &indifdem parallelis AH, G B conftitu=

, ta. ‘Dicoillacfleaqualiaiungantur enim

= " BE;CH. QuiaenimBG, ¥ G, zq?alcs'

Gl - ant:

Al
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A "D E U funt;efiqueFG -

|

| \ 7 qualisipfi E H;

I .'3 6/\\ actit&BCipliE ¢ .p;

l . A /\ \ Hzqualis:5 funt bprep.g3.
!

B CF G verd &paralle-
12, coniunguntque fipfasre@z BE, CH. cprsp.330, -
¢ Quzautem zquales,& parallelasadeaf- .
dem partes coniungunt,gquales& paral- : o -

) lelzfunt: (?_{arc E B, CHzquales, & pa- dprop.35.2.

rallelgfunt:dergoEB CHeft parallelogrd -
mum;cfiquezqualeipfi'A B CD,quippe
eandem cumillobafim B Clabens; &in
jifdem parallelis BC, A H conftitutum, .
Eandemob caufam EF G Heidé EBCH caa.ne
eftzquale.e Quare & AB C D parallelo-
grammumzquale eft E F G H paraliclo-
grammo.' Erﬁo parallclogramma , &e.
Quod demontirare apoituit.

. ¢ Propof.37.Theor.2y.
. Triangulafuper cadem bafi , &riniif-
demsparallelis conflisusa,interfe & £ D

.. fawtequalia, N
Vatotriangala A B C, DCB fuper ea~ N ,/ N4
dem bafi B C; & in iifdem parallelis ¢ ¢

AD, B Cconflituta, Dico triangulum
A BC zquale effe triangu!o DBC. Pro- a
ducatur AD viring;ad E,& F; ¢ &pes B, ,, 404,
o D'sigh



B

|

52 LIBER I
E A D pipiCA.perCve-
. r6ipfi B D,paralle-
- l¢dacitar BE,CF.
3 Virumgs ergo EB
: B <« AC; DBCF paral-
bpripzs.1 lelogrammii eft:b funtg; equaliasquippe
in eadembafi B C; &iniifdem parallelis,
sprep.344 BC,EF conflituta. ¢ Evelt parallelogeam-
: mi E B CA,dimidium triangulom ABC;
diametrusenim A Bipfum bifecat : Paral-
lelogramntiverd DB CF; dimidiumeft
triangulum D BC; nam diameétrus DC
deez. L ipfam bifecat, d Quz auté 2qualium fuat
472 _~ dimidia, &ipfafuntzqualis: Triangula
ergo fuper eadem bafi,&c. quod éportuit
——... demoaftrare: '

Propof:38.Theor.2 8.

. Triangulafuper 2gunlibus bafibus ; &
insifdem parallelss conflitusainter

K
-

P
<

e e A ——————

LT Jfefunt agualia,

SVmo triangula A B C, D EFfupere-
I qualibus bafibus B C; E'F; & iniifdem
parallelis BF,D A conflicuthDicoillaefs
. {e#qualia. Producasur enim' A D vtrin q;

aprop.zi.r, 34 G &FLaArg; per B,&F ducantus‘ip(?s
v . CADE parallelgBG.FH, eritd; vetumqg  *
oF GBCA,

}
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D HGBCA,DEFH

parallclogrammii ,
W‘ b Ec funt zqualia e,
quippefuper zqua-

B CE F libus bafibus BC,

EF, &iniifdem patallclisBF, G Hcon-
flicuta , ¢ eftquetriangulum A B Cdimi- cprop.34.
dium arallclogrammx GBCA; xpfum

enim diametros A Bbifecat; Et mangu-

lum FED eft dimidium parallclogram mi
DEFH;enam &xpﬁ;m diametrus FD bi- cprop.34.8
fecat. #Quz autem zqualium funt dimi- d4%:7.
dia, &iplafunc zqualu, Triangul@ igitur
ABC cftzquale trlangulo DEF. %—
re triangula fupcr zqualibusbafibus, &c.

de opor;au dcmoqﬂmc
_ Bropof 39.Theor.29.
Trmngulgcqaa[u@ erudem ba/‘ o

adeafdem parses cmﬂtmn,m iif= | 1“ ,
. dem ﬁmt{mraﬂt[u. ; 39. ?{; /
SVntp tnagg{ula qaha A BC,B n c 7 /
fnpc éadem bafi Cc piticuta, Pico 4
la in ufdc;p efle paullclls. ‘DuGyenim =

; A D,d lco lﬂam cfle ;’Ilelam iphBE, Si
| non # Ducasur pchZ ipfiB Cpara lq’aA aprep.yra,

: xunﬁl l‘lturEC b erit; trxangu am barepys.e.
Dy ABC

LR )
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A D ABC equaletriangulo

. EBC; funtcnim fugcr

, cadem ba(iBC, &in if-

' dem parallelis B C, A E-
BC

R ETE Sed wriangulo ABL 2=
quale ponitar triangulum DBC. ¢ €t
ergoDBC triangulum zqualeipfi EBC
triangulo maius minori, quod freri ne-
quit: nonergo AE parallcla cftipfiB C.
pari modo demonftrabimus quod nulls

 aliaprzter A D. Suntigitur A D,BCpz-

salllz. Quare triangula zqualia fuper

‘cadem bufi, &c, Qup oportuit demon-

frare.” - S

Propof.40.Theor.30. . -

CAequalia trianguls ﬁ:pcr agpalibss

. bafibus,é ad eafdempartescon- .

Sisusa,iniifdem fant pa- . ;
rakels.

‘D SVnto zqualia trian-

gula ABC,€DE fu-

4i0 per zqualibus bafibus
B C,CE conftituta. Di-

ipropsts. B _ coillaipiifdem aralle-
bgrop.33. lisefle. Sinon: 4 Dni:at%r'pcr A i%ﬁ BE

parallela F A.iun@acrgo FE, ¥ erittri-
C angu-

-

L e
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angulum A B C equaletriangulo FCE.
Suntenim fuper zqualibus bafibus B-C,

CE,;&iniifdewm parallelisBE,AF. Sed

triangulum A B Czquale etiam eft trian-
guloD CE:ceritergo& D CEipfi FCE

_quale, maius minori, quod fieri nequit:

nonergo AFipfi DE parallela eft.Simili-
ter oftendemus, quod prazter A Dynulla
alia;A D ergoipfi BE parallela eft. Trian-
gula ergo zqualia,&¢. quad demonftrare
oportwit, = ,
"~ Propof.s1.Theor.31.
Siparallelogrammum , & triangnlum
eandem habuerint bafim, fint g, iniif-
dem parallelis, erit parallelogram.
mamduplumtrianguli.  ~
- - QlInt parallelogia-
AD B S rEChe
triangalum E B C
_ 4L  fupercadébafiBC;
S J o - &iniifdem paralle-
- - - lisBC,A E.dico pa-
rallelogrammii AB G-D duplam effetri-
anguli EBC. Dua¢nim A C, 4 erittri-
;ngulum AB C zqualetsiangnlo EBC:
a

canry)

sprp.37.8

ent quip pe candembafim BC,& fune

iniifdem parallelis BC, A E.Sed parallelo.
. .~ Da gram-
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cammam A B CD doplumeft erianguli
bprep.34:1 A B C;bdiametrusenim A Cipfium bife
€4%"  gcatirquare & trianguli EBC dupluin criv

a1/ T Siigitur paraliclogrammum ‘& triangu-
-2 lam,&c. Quod demonflrare oportuit.
. Co b,

5 e * Propofi4z.Problry. = |
Dato triangulo equale parallelograms
mum confbissiereindato angm-
lorectilines. T
: Sto datum tri-
A B g Eagiguli’x ABC:
. datusangulusre-
42 / &iline® D. gpor-
B T teatautem trians

ﬁulq ABCzquale parallelogrammii con-
aprop.14 1. tituerein datoangulo D.« Bilecetur BC
bprep.ze. 0 Esiungarur A Es& § conftituatusad E
" re@¢ ECangulo 13 ¢qualisangulus CEF.
c€prop-3t, -Arq; ¢ per A quid€ agaturipli E Cparal-
Jela AG:per Cverdipfi E F patalicla €G,

P et FECG parillclogrammii. Ecqois
#7037 B E,E C2quales funt,dcrunt & triangu-
1.0 faABE, AEC #quafia; quippe fapér 2=
qualibus bafibus BE,E C,&:a ii{dompas

rallelis BC, A G conflituta:duplami ergo

oprop.¢1,1 <ft triangulum A B C trianguli A ECJ
{fed e pargllclogrammum FECG duplum

quogne eft tripnguli A E C, Syotenim

A . fuper
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Taper eadem bafi E C, & inijfdem paralles
1is EC, A G:eftergo parallclogrammuym
FECGazquale triangulo A B C; habet- -
-queangulum C E Fzqualem datg angn-
-Jo D. Datoergo triangulo A B Czquale
‘parallelogrammum FEC G con%itus-
tum cftinangulo FE C, dato angule D,
#quali. Quod facere oportuit, - :

. Propofitio 43. Theor.32. .
Omnis parallelogrammi , ecorum qui
¢irca diametrum funt parallelogram-
" morunpcomplementa funt inter

| Jeequalia, 1

AH D Sl_r parallclogramme

E’ ’F“ ABCD, diametrus

R ! < | - ¢iusA C;circaAC pa-

LA ralldogrammatine EH,
= G455 FG: & qus

‘dicunear

complcmcngB Ky KB . Pico comple-

menta BX; aqualiy efle, guia enim

ABCD py ogrammym eft, diame-

trus civs AGifit4 vttriangulaABC,ADC #7923 4.2
zqualia fint. Rurfus quia EXH A'paral-
lelogrammum eft, cius diamgtrus AK:

beront triangula E AKX, A HK #qualia. bprep.sg.ae,
Eandem ob caufam erunt zqepdia trianm '
o ‘ D gula
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E igiturtitriangulaAEK,
AHK, quam KGC,

L A3 K F C fint zqualia; e~
4 : B 4',.5c q

¢ Wt
I\f 1 H__ D guaKFCKGC.Cum
]

! runt& ducAEK,KGC,
' duobus AHK,KFC zqualia. Eft vero
. & totum ABC,toti ADC zquale:igi-
| turreliquocomplementoK D, reliquum

; grammi, &c. Quod oportuit demontftra-
L 26 o - .
! Propofitio 44. Probl.1 2.
D Ad datan reitam lineam' dato trian-
gulo aquale parallelogrammum ap-
- plicare,in dato angulo
‘ - rechilineo. ‘
S I data re@ta AB ; datus triangulus
Cidatus angulus re&ilineus D.Oper-
teatautemad datam re€am A Bdato tri-

A 44

\
3
R ~

angulo Czquale parallelogramium ap-
dprep.ga. Plicare inangulo zquali.angulo D. 4 C8-

flitwatar triangulo C aquale parallelo-

. gﬁm-

|

|
- BKeft zquale. Omnis igitur parallelo-y,
\1

|

4




|
|
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grammum BEF Ginangulo EBG zqua-
hiangulo D. &iaceat BEipfi A B indire-
&um; producatur F Gin H;b per A altc- bprop.zi.m
ratri ipfarum B G, EF agatur parallela
AH, & iungatar H B. Etquia in paralle-
las AH,EF re@aHFincidit,ceruntan- ¢ ppop, 29,4y -

-guliA HF, HF E duobusreis zquales:

derga BHG , GFE duobus reisfunt d«x. s

, ssninores:equzautem aminoribusangu- eax.1s.

lisquamn intduo re&i in infinitum pro-
ducuntur, concurrunt: igitur HB, FE
produétz concurrent; concurrant in K;

- f&perKadalterutram ipfarum E A, FH fpropzr.n;,

ducatur parallelaK L, produ&tis HA,G B
in L,M: erit igitur HL KF parallelogri-
mum, diametrus eius HK: g parallelo- gprep. £2a
graimmacirca HK, erunt A G. M E., C5-

. plementa LB,BF: bergo LBipfi BF z- bpronenr

qualeett:fed & Cipfi BF eft zquale:seritias.re

- igitur&LB ipfi C zquale. Et kquiaan- kprepase

gulus G B Ezqualis eft angulo ABM ; &

GBE zqualis anguloD: Zerit X ABM, Loz

- ipli D zqualis. 'Ad datam ergore- . . . .
Qam&c. Quodfacere ~ -

- oportuit. o‘//{gt e /‘
2300 ¢ I QUG

/o P/ Pro-

S -t
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Propofitio4§.Probl.13. :

- Datorectilineo aquale parallelogram=

mum conflitucrein datoangulo
rectilineo.

ES todatumre&ilinecumAB CD:da:
A_stasan gulus re&ilincusE. QOporteat

A :
autem ipfi ABCD 2quale parallelogri-
mum in datfangulo E conflituere,iunga-
wur D B,& # conflituatur triangulo ABD
- "zquale parallelogrammum F H in angu-
bprep.s4.1 o HK Fzqualiangula E. Deinde b appli-
et cetur ad lineam G H parallelogrammum

e g 11:14 triapg_ullo, DB lC qul:;ale »inangule
ISP 5 HM zquali angulo E. Ete¢quiaangu |
Sy frud. lus E vtrizuc HKF,GH M'cqﬂ zqua%i‘:: |
< erunt& HKF, GHM zquales: addatug
communis KHG :dergo HKF,KHG
A zqualeserunt his GHM, KHG:athi
gprop.agar. ¢ funt zquales duobusretis; ergo & illic
' Quare adpun&um H re&z G H pofitz
funtduzlinee X H, H M non ad eafdem

partes, facientesangulos deinceps zq:a-.
' Lo

aprop.ful,

den.a,

— e e
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\ les duobus re@is, f indire@i ergo erunt fprop.1é i
\ KH, HM. Erquiaio parallelasKM,F G ‘
' re@a incidit }g G, gerunt angulialterni 877277 ¢
- MH G, HGF &quales: Cdmunis appo-
. natur HGL:éeruntergo hiMHG,HGL, ier. .
. bisHGF,HG L,aquales ; katilli funt ¢- kprep. 9. 1
- qualesduobusre@isicrgo & hi: Jindire- lproputs.te
Gumergoelt FGipfi;GL. Etquiatam
- XEHGquiHG,ML zquales & paral- -
lele funt: m crunt & KF, M L zquales & 27 3%
parallelz : & coniunguntillas reGz KM, ™ '
FL:nergo & KM,F Laquales & paralle- sprep 5.6,
lz_crunt, Parallelogrammum ergo cft o
K FLM.& cum triangulumn AB D 2qua-
le fit parallelogrammo HF;& triangulum
D BC patallelogrammo G M;etit totum
recilineum AB CD toti KFLMzquale,
- Datoergo re&ilineo A B C D zquale pa-
' rallelogrammum conflicuimus KFL M,

; il:xangulo dato E: Quod faeere oporte- tCA_‘ )
at, : ' 1
Propofitio 46. Probl. 14; f‘
Adatareilalinea quadratum - | 4 6
- deferiberes, N
Stodatarea A B,3 quaquadraturi A B

~deferibere oporteat. # Ducatar 3 pii- agrep.10.1,
®o A rc@tz ABad angulosre@os A Ct;i &
vl at
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hprop.g4a c
D ___E i D ipfi ABagatur parallels
iperfirud. | DE:sper Bverdipfi A D du-

46 | carue parallela BE: eft ergo

o 3 A D E Bparallelogrammum;

bprovses A B ponge ABipfiDE,& ADipli

cper frwd. BE zqualis erit: efed 8 AB zqualis eft-

., iph A D. Omncscr%o quatuorBA;AD,

DE,BE funt zqualesseftergo ADEB

_ zquilaterum.dico quod & re&angulum.’

Cum enimreGaADin parallelas AB,DE-

dprop-29.1 incidat, derunt anguli BAD, ADEz-

cperfird. o vales duobus re@is. ¢ reGus autem eft

BAD :ergo & ADE. fParallelogram--

morum autem [paciorum anguli &latera,

quz exaduerfo, zqualia funt; erit igitur

vtcrqs ABE, B E Dre&us: reGtangulum:

igitur eft AD EB. Oftenfum autem eft &

gl a7, aquilastcrum: gergo eft quadratum; &4

recta A Bdeleriptum. ‘Quod oportebat

facere. s
Propofitio 4. Theor.34.

Invelangulistrianguli, quodalatere

. vectumangulifubtendensedefcribitur

guadratur , equale eff illis ,quad lasey

. - ribusrectumcoprehendentibus de- -

. feribunssr quadratis, ..

Efte

Epropse..

-

fiathipfi AB zqualis AD; a8’
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ESto triangulum re@angulumABC, - -
re&umhabens B A C, Dicoquadra-.
tum 2 latere BC defcriptum, zqualccffe
' quadratis 4 lateribus B A, & Cdefcriptis. i
- - . adefcribiturare- apropgen
&isBC,BA,AC.
quadrata BDCE; . »
GB; HC& bper bf"_.’n"‘ L
AyuiggBD,CE: © -
‘agatur  parallela.
AL. ijunganturq;
AD,FC. Etquia
vterque angulorit
BAC,BA GreQusclt, funtg; ad pun&lis
Alinez AB duzre&lz AC, A G pofitz,

facientes angulosdeinceps duobus rectis ,

. zquales, cerit AGipfiA C in dire@um. €%
Eandem obcanfam eft A Bipfi A Hindi- )
reGum. Etquia angulus DBC zqualiscft

, angulo FB A, quod vterque fitre®us, fi .
'| apponatur communis A B C: d erit totus das. 2
DB A,toti FBC zqualis. Cumqueduz -
DB, B A,duabasB C,B F zqualesfint,al-
| tera alteri, & angll:lns DB A,anguloFBC
' zqualisie erit & bafis AD, baliF Czqua- ol
lis,& triangulum A B D triangulo EBC; " # "
 feflque trianguli ABD parallclogram- fprep. ¢, %
mum B L duplum ;habent enim cand{gm
. a - Bafim |
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£27%0411 Bafim BD, & funtin ijldem parallelisBD;
A L.g Trianguli vero FB C duplum elt
quadratum G B;habent ¢nim eandé ba- -
_ fim FB, & fugt in ijfdem parallelis F B,
~ havi GCjhquz autem zqualium funt dupla,z-
/'i _ qualia inter fe funt : parallelogrammum
¢ 4 ™k ergoBL zquale et GB quadrato. Eodem
-~"/" modo iun&is AE, BK demonftrabitur

..
F a",,ﬁ T ¢ CL zquale efle quadrato H C: Totum
T ergo quadratum D B E Czquale eft duo-
.\ busGB, HCquadratis:& e DBEC 3
TL 7% BC;ipfaveroGB,HCiBA,AC, de-

feripta: Quadratum ergoa B C deferipti
zquale eft quadratisa B A; A Cdefcriptisi’
Inrc&angulis érg’lo Triangulis,&c.Quod
oportuitdeimonflrare.
. Propofitio 48. Theor.3 5.
Si ghadratum abvnotrianguli lasere
deferiptum , aguale fuerit quadratic &
© veliguss latersbus defcriptis angulus
areligus lateribus contentus,
recus erit.
Sto quadratdi 4 fates
re B Crianguli ARC l
defcriptum , 2quales qua-
J dbatis dlateribus BA,AC
€ defcriptis. Dico angulum |
BAC

- {
‘/,_‘
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B A-C reQum cfle. # Ducatur epimab A aprop.1r. 1,
pun&olinez A Cad angulos reQos recta
AD,& fith ADipfi AB zqualis,iungatur- bprop.a.s,
que D C:'Et'quia D A, A Bzqualesfunt,
erit & quadratum ab A D defcriptum z-
quale.quadratoab A B deferipro.appona-
tur commaune quadratumab A Cdeferi-
ptum : ¢ eriintigitur quadrataipfara DA, cax. 2,

. A Caxqualia quadratisipfarumB A, AC.
+ Sed quadrata ipfarum D A, A C zqualia

funt quadratoipfius D C. daigulus enim dperfrud
D A Cre&tuseft. Quadratisautem ipfa-
rum AB, A Cponiturzquale quadratum
ipfius BCiquadrata ergo ipfacim DC,BC
funtzqualia: erge &latera. Etcum A D,
A B zquales fint, communis A C,igitur
duz D A;AC; duabusBA; ACfunta-
quales, 8 bifis D C bafi BC : ecritérgo & €pmp.b. 5

~ iangulus D ACangaloB A Cqualis: Et

Yero D A Cretus: ergo 8 B A Cre&us

" «erite Siergoquadratum,&c Quod -

.4 = M2

© eportuit demon--

5 ' St firares

E Eu-
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e

W

N A

EVCLIDIS
ELEMENTVM

~ SECVNDVM.

. Defnitiones,

x'[_. Omne éarallelogrammuin’ reQangu-

i- Pa

lum contineri dicitur 2 duabus. re~
Gis linéis angulum reGum com.
prehendentibus, Veinpropofl:.pay,

vallelogrammum B Hcontinetur & Ii-,

veis BC, BG,que anguinm rettums
Beontinent, .. : N
rallelogrammi fpacij ¥num eorum,
quz circa diametrum funt paral-

- lelogramnorum,, cum duobus ¢3-

plementis gnomon vocetur. ¥z
sn propof. 5. figura CBFGHL con-
renca parallelogrammis D L HF, &
quadrato D © :

Pro-

[

|




‘ - Propofitio 1. Theor.r. -

| i faermt dua yelielinea, guarnm al.
| ¥ers fecesnr in quotcunque partes, re-
i @a ngulym abipfis contemtum , equale
| erit rectangulis ab infecia, & fin-
f A gnly feGie partibus com-

. o m;m. ‘

B 'D Eq ntdugre&z A.BC,

@ co rc&angulnm lineis
3 3 I‘ A,& B C contdstum z-

' quale effe re@angulis
. mntenus A, BD &A, DE &A__LECQ

| quarum B Cfecetur
{1 I vtcung; inD, & E.Di-

g Ducaturenim’ exB ipfiB Cad angulos YR
rectos BF, fistg; i a{)ﬁ A 2qualisBG ;& bprey, 2.1,

eper G ;pﬁ BC parallela ducatai GHiper ¢
D, E, Cverdipli BG parallelz ducantue
DK,EL,CH. Eﬂ autem BH zquafe:pﬁs
BX,DL,EH.NamB H¢ft tc&angulum
ipfarum - A, BC; -Continetytenim ngﬁs
BC.BG,&BGcftipli A equalis. BX, cft
re@angulomiy ﬁ\rum A BD,Contmetur‘
goim ,rc&ns C B,BD:fiquidem GBipfi A
ualls efl.DLeft re&angulum ipfara A,
DE; nain & DK zqualis cft pr'A & fimi-
. Ea

“fitet

00

Kkt
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“Propofitio 4. Theor. 4.

Sireitalinea vicung fecesnr ,quadra-
tum totius aquale erst & partium qua-
dratis, &y eclangulo bis parti-

' bus consenta.

B 4} K E&a AB fecctur vicunquein C. Di-
i co quadratum ipfius A B zquale cffe
F £ quadratis ipfarum AC,CB; & reGtangulor

" aprep.4sa. bis A C, CB contento. # Conflituatur ¢-
/ nim fuper AB quadratum A DEB, du-
bprep.art. caturque BD;acbper Cvtrique AD,EB
. ducatur parallela CF; per G ver6 vtrique
yerﬂma. A B,DEpatallela HK.Et¢quia CF,AD
#rep.29.1 parallele funtin ipfafg; incidic B D, derit
externus angulus B G C zqualis interno

eprops. 4 op &oppofito ADB:efed
H ADBcftzqualisipCBD;
|4 - quod & latus BA lateriAD
| fit zquale 5 eritigitur 8
D ¥ & C G B angulus , zqualis
fprip.0.1. G B C angulo. f Quare &
8779331 latus B C lateri CG 2quale erit: g fed &
CRipA G K,& CGipliKBeftzqualese~
ritergo & GK ipfi K Bzquale: zquilate~
rumergo eft CGKB. Dico quod & re-
&angulum,Cum enim CG;BK paragglz
“ . . N t'

R -
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| fint,inipfafqueincidat CB;erunt fangu. hprop-a9:}
- liKBC,G CBzquales duobus re@is: sre- 144-27- 1o
" Gusautem et KB C;ergo & GCBreftus ‘
" erit.kQuare &qui exaduerfo CGK,GKB kmp.z43)
) re€ierunt; reGanguliiigitur eft CGKB. ‘
: Demonftratum autemeft, quod & zqui- .
~ laterum: quadratum ergo cft; & eftd CB 14fa7.4
. defcriptum. Eandem ob caufam & HF
quadratumeft; & eftab H G deferiptum,
hoceft,ab A C.Sunt ergo quadrata H F,
CKabipfis AC,CB defcripta.Et quiaAG
ipli GE m¢qualeelft,eftq; AGp AC,CB ;
cbtinetur;funt n. GC, CBquales;erit & D27 #3
GE ¢quale AC,CB contento. Ergo AG,
GE¢qualiafuntbisAC,CB c3tento.Sunt
autem & HF,CK quadrataipfarum A C,
BC:quatuorergo HF, CK,AG,GE 2~
qualia funt, & quadratisipfarum AC,CB;
- & reGangulo bis A C, C B contento.Sed
~ HF, CK, AG,GEconftituunttotum.
. ADEB, quod eft quadratum ipfius A B.
' Quadratum ergo ipfius AB zquale eft
quadratisipfarum AC, CB,& reftangulo
... bisAC,CBcontento. Siergo, &¢.
o Quod demonftrare o-
) portuit.

ORERERE

‘1“
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 Aliademonfratio.

R Dico quadratum ipfius A Bzqualecl-

fc quadratis paraum A C, C 15, & re-

&angulobis AC,CB contento. In cadem’

aprop. 51 figura,cum BA, A D fint zquales, @ crunt
bprepez s & anguli ABD,AD Bzquales. Etbcam
' omnis trianguli tres anguli gquales fint
duobus reis; erunt & trianguli ABD

tres ABD,A DB,B A D zquales duobus

¢rerfirud. reQis, ¢& cft BADreus: ergo reliqui
ABD, A DBvaireGozquales;cumque

dperﬂm&. ﬁnt zq'uales . erit Vtel’qi (‘cmim&us. ;J_I'C'.

&persaate

... gulooppafito ad A; rcliquus ergo CGB

fprop.32.1. femireGus eft: figitup zquales funt CGB,
grrp-01. CBG: g quare & latera BC, C G zqualia
hprop 23.1. erunt: hfod CB zqualecftipiK G,& CG
17 "{:’”’7 *ipli BK:ergo CK eftzquilaterd; 4 cumq;

~1

H——Lrx CK,& quidem,quod fit ex C B.{Eandé ob
4,71 | caufam quadratief FH,eftq; 2qualeilliy

" 1| quodfitex AC:funtergoCK, HF qua-
;é : f*‘ i drata; zqualiaq, quadratis ipfarum A C,

kprep.g32 CB. Et k£ cum AG, EG zqualia fint,,
fitque A Gid, quod AC,C Bcontinctur,
funteninCG, CBaquales: ergoEG
zquale eft contento” AC, C B: igitur
FREEPIN e ‘m-

~

T ey, e ey T ey

Gusautéeft BC G, eft namq; zqualisan-

habeat angulia CB K rectii: quadratii erit
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\ cantento. Suntverd & CK, H Fzqualia

i quadratisiplarum AC,CB : Ergo CK,
H F, A G, GE zqualia funt quadratis i~

" pfarum A C,CB; &bis A C,C§! conten-

. to:fed CK,HF,AG,GEtotum A Econ-

flicuuot, quod eftipfius A B quadratum,

Ergoquadratiiipfius A Bzquale eft qua-

. dratisipfarum A C,C B,& re&@angulo bis
AC,CBcontento. Quodoportuit de-
mooftrarc, : " ) -

Corollarium.
- Exhis manjfeflum eftin quadratis fpa-
ciisillaquz circa diametrum fogt, qua=:

drataefle. [
Propof 5. Theor.s, |

L

v-—‘**(\

A

B

Sirectalineafecetur in aqulia’fé in ?;Z“ ;
inequalia, eritveangulum in(gﬁdi— i Ay
bustotisu partibus contéeum vna cum '_E “

 quadratolines, guainter feltionesin- .
 eviicitur equale ei,quod ddimi. . ..

, diafit quadrata. = - .
Rﬁ.&a ABafeceturinzqualiaad Ciin apropse.t,

inzqualiaad D, Dico contenti AD, -
D B retangulum cum quadratoquod ex
€D, ¢qualeefle quadrato ipfiusCB,b De-
{cribatur enim fupctBCquEndra:&CEFB; bprep.56.1

o]

o
F
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eprop. 46 Sducatur BE;e arq; per D vtrig; FE,Q | &
ducatur paraflela D G : per H vero vtriq; -
C B, E FparallelaK O. Rurfusqueper A
' . vtriq; CL,BO parallela AK;& cum com-
dprop.#3.1 plementa CH,H F dzqualia fint,ft adda-
 turcommune D O; erit totum CO, toti
D F ¢quale.Sed C O gqualeeft A L;quod

. & ACipiCBfit-

A C DB zqualisg eritigi-
,__ wr & A Lipft:
¥ M/E /1% D Fequale: i
5 addatur cGmu-

: B G F peCH,eritAH

_ ipfis D F,D Lzquale:fed A H, contento

¢ Corsll. 4. AD,D B eft zquale; ¢ eft enim & D Hipfi -

7703 DBequalis:FD, DL sutem funtgnomon
MNYX: fergo gnomon MN Xeltzqua-

. lisAD, D B contento. SiL. G commune,
quod cft 2qualequadratoex CD, adda-
turierunt MN Xgnomon , & LG zqua-~
liacontento A D,D B,&illiquodex CD
fit quadrato.Sed gnomon MN X, &L Gsx -

wiens totum CE F B quadratum, quod eft qua-
.+ drazum ex GBzergo A D, D B contétum,
cum quadrato quod fitex C Dyzquale cft
quadrato ipfius CB.Si ergore@alines
fectcur,&c.%_od_(xponui de-
vso. . .. monfirare, .

fex.r.

- Pro
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Propof.6. Theor.6.

Sirectalineabifecerur,eigindirecium
uadam recta adiiciatuy , erit reitan-
golum, gnodfitex'tors compofita, &
adielta,vnd cum quadratodimidie, 4«
guale guadratoquod fit ex dimidia
‘ & adiecla.

RE&a‘A B bifeceturin C, adiiciaturds
.¢i quedam B D in direGum.Dicore-
&angalum AD, DB contentum, cum
quadrato retz C B,zquale efle quadrato p
quodfitex CD. '« Défcribatur enim fu- 27744
per CD quadratum CEF D; ducaturd;-
. ¢ g p DE.&bperBqui- bprepgrs
f B gem Vtrial;)ﬁ('l,;l.) F
AR paralleladucat BG: -
7o per H verd vtrique
g v ‘I AD, EFparallcla
£ & F KM. ItemperAv-
triq; CL, D M paralkla AK. Cumigitur
A.C zqualis (ie reQx CB; erit &AL z-
quale ipi CH: fed CH ¢ zquale et ipfi ¢,y 454
M F:ergo8¢AL,gqualeeftipfi HF.Com- '
muncaddatur CM:dtotil ergo AMgno- dar.s.
moniN X Oeritzquale:led AM eft quod -
continetur AD, D B(clt ¢ enim D M 2. edsfis7:
: q(lif
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A ¢ B pqualisip D B):&gnomon N XO 2quae
. ¢hiseft A D,D B contento. Commune ad-
K J.L' x5 idatur LG, quod eft zquale quadrato re-
.~ "1 |6tz CB:ergocontentum A D,D B, cum.
- F,quadratoipfius BC,zquale eft gnomoni
S *NXO,&LG,Sed gnemon NXO,&LG
fuotquadraium CEF D, quod cft qua-
dratum ipﬁus CD:ergoquod AD, DB
c6tinetur,cii quadratoipfius B G,zquale
eftipfius C D quadrato. Siergore&a li-

nea,c. Quodoportuit demonfirare.

Propo£7.Thcor.7‘e

Sirellalines [ecetur vicamque, quod
dtora,quodd.abunapartiumfit,vera-.
gquequadrata, aqualia funt ¢i, quod bis
dtota & dilta partefitreclangu-
: lo,vnacum alterius partis
-~ quadrate. )
.- ' T EQa ABfeceturve-
A ch Rcumquciq C. Dico
quadrata , quz ex A B,
C B fiunt,¢qualiaeflebis.
" AB, BC coxtento, &
e D 4% E quadrato quod fit ex
s779p.46.1 A C. 4 Defcribaturenim foper A B qua--

*Vempra- drarum A D E B, & figura * gonflruatur.
cedentrbey, _ ’ : Et
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Etquia AG,G E¢qualiafunt,ficommu-
ne CFaddatuc,erunttota AF, CEzqua-
. Ha:vtragsergo AF, C E duplafuntipfius
v AF:fed AF,CEfuntgnomonKLM&
-CF quadratumgnomonergoK LM, &
CFduplafunciplius AF. "Eftveroeciul-.
'+ dem AFduplumbisAB, BCcontétum; . -.
bfuntenimy B F, BCaquales. Gnomon b defisy.
ergo K LM,& CF2quanturbisAB,BC
contento.Commune addatur D G,quod
eftquadratii ex ACignomon ergo KLM,
& quadrata:BG, G. D aquantur bis A B,
B C-conténto, & l&ﬁadratoﬁquod ex AC.
Sed gnomon KLM,& quadrata BG,GD
funttotum AD EB, & CF;quzfuntex
A B,B C quadrata.Quadrataergoex AB,
BCaquanturbisAB, BCcontento; 8 -~ -+ 4
quadrato ex A C: fi ergo, ré@linea, &c: :
Quodoportuitrdemonttrare.. . .- e
Propol.8.Theord..” ",
Sirelds !ingbﬁiptur veNthg, reitan-
golum quater sord, & vn: parse coms
rentum , cum quadyato alterinspartiy -
i Agqwaleeit quadrato d sorar dicta
1. partepanguamabunalines . .
. L deferipte. i Al
- Re@a

.

o

Co
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A RE&a ABfitfe@a vecomquein C.Dis
*\corectangulum quater AB,B Ccon=
tentum,cum co, quod fit ex-A C quadras
tozqualcefle quadrato, quod fitex AB,
B C,tanquam ex vnalinea.Producatur e~
nim AB indire@um, & fit B.D aqualis

aprop.#6.1 CB; & afuper A D conflituatur quadras -

tum A E F D,&dupla figura conftruatar,
Ruiaigitur CBipfisBD; GK; BD vers
A_ C B Dipfi KN zqualiscft;je-
- ‘ rum& GK.XN zqua.
_}Q : les.Ob eandem caufam,
7 % crunt PR, RO zqua~
1/2718] les. Cumque tam BC;
. ¥ HL F BD;quaiGK,KNa+
: ; quales fint;bethitetiam
bprep.3é.s tam CK ,K D :quam GR, R'N zqualiag

fed CK,R N ¢ funt zqualia {funtenim

€P1p-43t complementa parallelogrammi CO) igi«

tur &K D, G R 2qualia erunt. Quatuor

ergoDK,CK,GR,RN ¢qualia i'unt:qua-

tuor ergoillafont quadrapliciaiph’ CK.

Rurfuscam CBipa B R:BP.4ipiBK,

feorol.4.2. hacell,ipi CG; & C B iplhi G {(,;ho\c;ﬁ,’

g5 4ef. 37 ipfi G P aqualis Git, eritCG 1p(iG P-

qualis. Etcum CGipliGP; & PRipli

R O zqualisfit;erit & AGipiMP& PL,

44r9p.43.¢ ipliR Faquale. Sed MP,P L funt!iqilli:;
. - :

PG P T e

LR

- LA e
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| Yia,quippe parallelogrammi ML comple-
menta,crunt& A G, R Fzquolia. Qua-
tuor ergo AG,MP,PL,R Ffuat zqualia;
quatuor ergoilla quadruplicia funtipfius
A G,Offenfaautéfunt& CK,KD,GR,
R Nipfius C K quadruplicia:ergoo&oilla
quz gnomoné S T Ycontinét, quadrapla
. funtipfius AK: & cum AK contento AB,
BD fitgquale, cft enim BK,ipfi BD ¢qua-
lis.erix quater AB, BD contentum,qua-
druplum ipfius A K. oftenfuseftantem &
gnomd STY quadruplexipli® AK.Quod
ergoquaterAB,BD continetur ¢qualecft
nomoniST ¥.Communeaddatur X H
quod zquale eft quadrato ex AC)quater
ergo-A B, BD contentum re&angulum,
cum quadrato quodfit ex A C, zqualeef}
gnomoniSTY,&XH, Sedgnomon &
. XH funt- AEF D quadratym ; quodeft

quadratum ex AD:ergoquater AB,BD |
contentum.retangulum, cymquadrato ~
 exAC, et zqualeilli, quadfitex AD .

quadrao, hoceft, quodfitex AB,BC

.- tanquamicx ypa linea. SiergoreQali- |

. peay .&c,/Q&_OdOpOl';ﬂitde : 0

.. monftrare. 7 ;

REERRE

SRS 0\,

- P"Or R ]



sprop.xrn,

bfrl’.)‘.l.

eprop.sa.t,

dprop.sp. 1

rep. 3.1,

ol LIBER IL
_Propof.g. Theor.s.

Sirectalines feceturinaquslia, & non
#qualia , quadrasapartiiiinzqualiam
aduplafunt (5 cins quodfit adimidia, &
ciws quodfitdlinea,queinter fe-
clionesintercipithr qua- '

dr atis’ )
" QEceturreta ABin
C zqualiter, in D
‘ihgqualitenDico qua

» drataex A D;DBdu-
pla efle corum; qizex A C,C:D fiunt:
2 Ducatiirex Cipli ABadangiilos reGos
E C,quzfitvtrique A C,C B 2qualis,du-
canturque E A,EB. Atque per Dipfi EIQ
agatut parallela DF: perF verdipiA B
paralteld F G iungaturue A-F: Etquia
A G, CE zqualesfiint; b erunt & anguli
E A G, A EC¥quales.Et cuth’angulus ad
CreGusfitse etunt reliqii AEC, EAC
vnire&ogquales,ideoquefemire®i.Eanv

demw ob caufath CEB, EB Ceibire&ie--

runt: vadetotus A E BréGaserit. Cum-
que GE F femireQus (it 'd re@usEG F
?eﬂ enim interno & eppafito ECB x-
qualis) n eritzeliquus E FG fcmireQus:
- Ergo

— e e a e pd S € . o

e e by Tt
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ErgoGEFipfi EF G eft zqualis;¢ quare ¢ 5,09 59,1,
& lag:usE Glateri F G zq::ileerit. ?{,ur- propaze
fus cumangdl® ad B femire@us fit; re@us. '
F D B( cft eaimgqualisinterno & oppos #70-0-"
fito E CB)eritreliquus BED femireGus,, - "
Eft ergoangnlus ad B #qualis D FBan-. -
gulo;%re & latus BF lateri DB gquale 827 ¥4+
erit : Etcum A C,CE gquales fint,erunt
& quadrata éx A C,CE gqualia:dupla er- L
gofuntquadratoex AC:; ¢ qualeautem /777

. et quadratis ex AC, CE quadratum ex

EA(namangulus ACE re@useft) eftigi-

tur quod exE A duplii eiusquodexAC.

Rurfuscum EG, GF zqualesfint; erunt

& quz ex E G,G F quadratazqualia: du-

plaergofunt éins quod fitex GF:Et b z- iprop.g7.1
ualia cius; quod exEF: c%o quod ex

EF duplam efteius,quod ex GF quadrati

(funtautem GF,CD gquales Jergo quod

exEFduplomefteius,quodexCD, E®R |

autem & quodex A Eduplameius,quod . .

ex AC:ergoquadraty quzex AE,EF du-

plafunt corum,que ex AC;CD.Quadra-

dratis autem ex AE,FF i zquale eftquod " 77"7#77

ex AF(cft enim angulus A E F reGus )er- '

. go quod ex AF quadratuay diplum eft

corum,queex A C,CD:ciaucem,quod .
ex ARk zqualia funit quz cx AB, DF 1prop.ppn
e ) F & finnt
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PRI .-Eum(uam'angalus ad Dre&us e&)igmm
qiuzex-A D, D Fduplafunteorum, que.
. exAC, CD quadratorum ( funtautem:
+ ' DF,DBgquales)ergoquzex AD, DB

’é/_/ ﬁ:ﬁ . quadratz, dupla funteorum, quzex A C,:
A d».38% D.SietgoreQalinea;8ec @pd opor-«
‘ tml: demonﬁrarc : :

Propof Io. Thqor 10.°

Sareé’lt linea by jéretur, eidin rectum
gudam alia adiiciatur; qacé totacunm.
adiccta, & abadiella fiunt guadnm,
duple erm:tgmdratomm quafiunt &

dimidia, & adcompofitacx dimi-
v .. Qiar adiecla.

RE&a AB bifecetorin C, adiiciaturg;

¢i in re@um B D. Dico quadrataquz

ex AD,DB duplaeffe corum,quzex AC,

aprop.n.r. CD.a Ducatur enim ex Cipfi A Bad ans

bprop.2.1. gulosre&os C E; #ficed; CEipfis, AC,CB
zqualis; & iun-

genear AE,EB;
-atgzeper E iph
A D agatur par

~;+ Yafleh EF,Per D
* werdipfi CE pa~

tallcla DF & cumin parallclas EC, FD
inci-




—
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incidatEF, d eruntanguliCEF,EFD gypp.49.
aquales duobus re@is:vnde FEB,EF D .
duobusreétis minoreserunt. ¢ Quzau- ¢ ax.1s,
tem 4 minoribus qui (int duo re&ipro- o
ducunturre@z linez, concurrunt: ergo . -
EB,F D ad partes B,D product¢ concur-

‘rent:concurrantin G,iungaturque A G.
Etquia A C,C Ezqualesfuat,f erunt & fprop.s.r-
anguli A E C, EA Czquales; g & eftan- g2efrné
gulusad CreGustergo EAC,A ECfunt
femire&i.Eandem ob caufamCEB,EBC -
femire&ifunt:ergo AEB reGuseft:cum-
que EBCfit femireQus, b erit& BBG hprapurse .
?cmire&us:cﬁ verd B D GreQus;s zqua- 1" ”.295
lis enim eft angulo DCE, quodfint al-
terai:reliquos etéo D G Bfemire&us éft:
‘quareanguli D G B,D B G zquales funt;
2 eruntigicur & lateraB D, GD zqualia, kyrep. 6.1
Rourfus cam EG F femire&us {it: IreGus 1 prop.3¢.2
quiad F (eftenim ad Coppofitozqualis)
erit & FEG femireGus:{untigicur EGF,
F EG zquales, m Quare&latera GF, ™ prop 63
EF zqualiacrunt. CumergoEC,CA
2qualesfint; erit& quod ex ECquadra-
tum, zqualeei, quod ex A C: Quadrata
ergoquzexEC, CA, duplafunteius,
quodfitexC A: illisautem,quz ex CE, :
C A, ngquilecfiquod exg. Atcrgoquod nprep47:3
RS P X
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.. exEAduoplum efteius quod ex AC.Rur-

fuscum GF, EF fintzquales, erunt&

quz ex F G, F E quadratazqualia. Sunt
ergoquaexF G, F E dupla etus, quod ex

oprp47.1 E E:illis autem, queex G F, FE o pquale
eft quodexEG : ergo quodex E G du-
plumefteius, quodex EF, funtautem

EF, CDzquales:ergo quodex EG du-
plumefteiosquod ex CD: oftenfum eft

autem id, quodex E A duplum effe eius

podex A C: quzergo ex AE, EG qua-

grata duplafunt corum,quz ex A C,C D:
pirp.47aillisautem quzex AE, EG p zquale eft
" quodexAG: ergoquod ex A Gduplum

, cft eorum, quz ex AC, CD: ei autem
W1%P+#7+ quod ex AG 4 4 zqualia funt , quz ex
AD, DG: ergoquzexAD, DGqua-
drataduplafunteoram,qu¢ex A C,C D,
zqualesautemfunt DG, D B:ergoque

A D, DB quadrata, dupla funt corum,

z quzex A C,CD.Siergore@alinea
“F=- o+ bifecetur,8c¢. Quod oportuit
’ l\\ { - demonﬁ‘ueo

e @D - |
Tl "\j o T f\;;b- o0
e ﬁv@ F ?55» @;@ ',

Pro-

|
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Propof.11.Probl.r.
Datamrellamfecare, vt quodtots, &
© unAparte continctur rectangulam,
. #qualefit quadrato quod firex
‘religuaparte, .
It data re&ta AB,quam oporteat ita
fecare, vequod cx tota & vna partium
fitreGangulom, zquale it ei, quod exal-
tera pattefitquadrato, 4 Defcribetur ex ;pn;.n.:
ABquadratum ABCD, &b bifecatur AC *P7P1¢
in E,jungaturg; BE.producatar CAin F,
F_ G g EF ezqualisre@eBE. cprop.an
* - dcoltiruatur faper AF qua- dprep.s6r
‘dratum F H; &producator
GHinK. Dicare&am AB
io HfcQam eflc,vc AB,BH
__| -conteatunt. .reGangulam,
€ K D:eqinleficeiquodek AH fit
~ quadraid.Cumh-enim reGta AC bifeQa fit
in E, eiqueadie®a in direGam A'F; ¢ crit eprop .z,
CF, EA congentum; cum eoquod ficex
A E,equaleilli quod fitex EF,funt autem
_EF,EBgquales:érgo CF,F A contentum,
cit ¢oquod ficex A E; zquale eftilli;quod
ez E Bquadrato :fed cf, quodex EB f 2- ¢, 0.,
qualiafunt,qdaex B A, A E quadrata (re-
-€&us enim eoft angulus ad A ) ergoquod

: Al _HL ]
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g/ 47

hdefoa,

'C F,FA continstur,cumilloquodexAE

quadrato,gquale eflillis,§ exBA,AE qua-

dratis: Commune quod cx AE auferatyr;
reliquum ergo,quod CF,FA continetur,
zqualeeft et, quod ex A B quadratd. Eft
- autem C ¥, F A contétom,
ipumFK (gnamARFG

. B gunt zquales) Q@d autem
tex AB, eftA D quadra-

I " qualia, CommuucAK au-~

cXD ferator : eruntque reliqua

FH, H D zqualia, Eft au- .

té HD quod A B,B H continetur b (funt
‘enim AB,B D 2zquales)F Hawéeft quod
fitex A Hquadrati.Etgoquod A B,BH
continetur reGangulum, zquale eft qua-

.dratoquodex AH: re@a:crgo A B fe@a

cftin H,vt quod AB,BH contincturre& -
angulii zquale it ¢i, quod ex AH it qua-
drato, Quodfacereoportebat,: :

Propof.r2.Theor.11.-
Intriangulis obtufangulis quadratum
guod fit & latere angulum obtufum fub-

. tendente,maius e5? quadratis latermmy

abmifium continentium, reclangulo bis
comtento Grabunolatere obrufiim com-
R tingme

tum:ergo FK, A Dfuntz-

o o e . TP P
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tinentss ingwod produtum peypendi.

' culart cadis, & dlives exterius affsm-
. praaperpendiculariadangulum .

Ca Tt Obti_lﬁimg

| S I trigngulam *obéufangnl‘nm’ ABG,

obtyfumangulum habés BAC.e Du- 270100
catur ex B ad CA produ&tam perpendi-
cularis BD. Dico quadratumex BCmas
Y . iuseffe eis, quzex’BA,

2B AC, recangulobis CA,
Y, .- AD countéto. Com epim
’ p re@ta CD feQaficvech-

A -quein A;b eric quod ex baropts
D Czqualeillis,quzex CA, AD quadra-

tis; & el quod bis CA, A D continetur.
Communcaddawr,quodex DB, Ergo

" quzexCD; D Baqualia funtillis,quzex

CAAD,D Bqu_adtaris ; &illi, quod bis
CA,.A D Cdnﬂnﬁtm;fed llﬂﬂ,qllQ ex CD)

- DB quadratis.egqualesihqiod oi GR(eR ¢propie7d

<

¢nim angulusad Brefins Hlisaupemnaque -
¢ ADDB daguale ell.quodad ABiquas dprep.£7.8
dramm. Quodigitur ¢x CBaqualepltils
ki quzex G As A B quadiatis s & reant
gnlo bis € A, AD congento.Jutriangulis
! .crgo"Qb,mfa.ngﬁlis,&l‘i%odopdmﬁtZ:
i ' demooftrage. .G ..
- F 4 Pro.

b R
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"Propol 1y, Theor.12. .-

n amtmgala triangnlic ynadratoms
lateras acutums angulam [ubtendentis
wsinuseit qaaa‘mm acktum continen-

‘ 'tlwra&mgxla biscontinte ,& aby-
Wo-litere acutum contipiente, in gtmd
perpcxdlmlam cadit O alinesd po7-
gendmdaﬂ intws affumptaad an-

- gulumacutom,

SI: acutangulum trnangulum ABC,ha-
bcs acutuB mducaturabAin BCper-
A _ pendtculans AD. Di-
' co quadravii quod fit

. ex A C minuscfleillis

quzfiuntex CB,BA,
S reGangulo bisC BB
L C D contento.Cii chich
B- l])),ﬁ re@a CB fe@a fit ve-
borps. 4 CumGiin eruntque ex CBBD qm»
pnp. drata gqualia bis CB,BD contento &l
LR quod exDanadra:o Commancaddi
tur,quodex A D : Fr. Fo queexCB,BD,
D A quadrata, ®qualia funtbisCB, BD
contento, & quadratis quib xAD,DC,
Sedillis,quz ex B D,D A, quale eft quod
ex AB( eﬂ emm angulm ad D}rc&ns)

Abrguzs.
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{Hlisvesd qugex AD,D Cequatecft quod
ex AC. Ergo quz ex CB,BA,zqualiafunt

-&illiquodexA C > quadrato; & illi quod- ",

-bis CB, BD continetur. Quare quod ex
ACqQadmum minuseft nllw,quz exGCB,

"BA quadratts, re&angulobts BC,BLR .

contetito. Initriangulis crgoatlmagulxs.
&C.Qr_oddcmon arcopor:m:‘ )

Bropoﬁuo 14.Probl. 2.

_ Daga reitilineo aquale guadmtmn
« L conﬂmmc.). o
» S0 refilincum A, cuiioporteat. e

qualequadratum conflituete. «Fiat; pnp ”

rl&llmco A zquale parallelognmmum
ri@angulum B D. Siigitur BE, E D fue-

“rht equales, fatum eft quod petitur; eric

mm nc&!hncq Ahqunlvqmdmﬁ B:D.
S “St noh; rit vns-

3 Ipfﬁﬂllﬂ «&B)‘ED

- naior 3 LtSic ma-

m BE,que produ-
DE & caturin F.b fiatque bprop. 3.6

O FE,ipiE Dgqua-

lis, ebifeceturqu cFBmG,&cenu-oG cpropre s,

interuallo GB aut G F defcribatur femi-
clrculus BHF, & producatur D Ein H,
Fs du-
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by homg by dacattrgine G H: Cum jtaguio feBa BF

fcQafit zqualiterin G, inzqualitgrimB; ~

’ dpropsa derit quod BE, E Fcontinetarfcumeo
; quod ex E: G quadrato, zquale ei quod ex

N - .G Fquadrato, Sunc autem G F, GHa~

BN ‘,qualéi. Quod ergoBE, EF continetur

AR .cum eoquod cx.é E,zquale eftilli, quog
#7007 ex G H; thli verd quod ex GH,ezqualis
> funtquzexH E.éE quadrata:ergo quol

BE, EF continetur,cum eo quod exGls
zquale cftillis,quzex HE, G E:Con-
‘ “~. | muncauteratur,quodex GE; & eritrell
© !~ /H quum,quod BE, EE continetur, 2quak
' <i,quod ex-EH quadrato: fed-quod BE,
- “EF-continetur eft ipfum BD, fiquiden
- EF, ED{untzquales: parallclogramui
-ergo BD gquale cftei quodex HE qui-
“drato: Eft susem B D zquale recilino
Azergo reciftineum A gquale eft quadn-
toex E H deferipro. Dataergore&ilinco

<. A spale quadtatum contlituimus,

- - 5 2id nimirgm &'ubi! exEH, »

a . Quod facerea-'

portuit. ‘

: ..,) B ‘.\" g ) : LJ’«I!L
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| . DIS. .~

Definitioneit. " . _

W Equalcs circuli funt, quorum diame-
-tri funt zquates; vel quotum qua
- excenttis untzqualcs‘ -
ke Re&a linea circiilum tangere dicicur,
quz contmgem circubam, & pro-
" du&aipfum fion fecat. 2 figara
=i propef 16.limea A E tangit cireninma
ARG imx.é‘zg.DE ungxmm‘-
't ilem ABC,
3. Circuli g tangere dicantur,qui feipfos
-coutmgemes, fe ipfos non fecant.
~ Circenlife contingmnt at sntersns , Ve
" propofbeirculi ABC, D ECiant e
- gerims, W propof. 12, mml; BAC,
- DAE,
4In
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4 :In circulo xqualiter 3 centro diffare
dicunturjre@z linex, cum d centrp
ad ipfas perpendiculares duQix e-
quales foerine, V2 propof- 14. linea
A B,CD dcentro Esequaliter diftan

¢ - qwed EFKG fint aquales. -

5 Magls diftare dicitury in quam maic
perpendicularis cadit..

é Portlo circuli, eft figura qua rc&a |8
nea & circuli circumferentia cont-
netur. V¢snprimapropsf funt porti-
nes ACB,AER. -~ -

7. Portionisanguluseft ,qui re&aline,
&-;quull circomferentia conting
XU, Ve sntprims propof; funt angss
C AB,EAB,reflaAB, (fpmplnrt

i GaEAcontents, .
I_- In yo:?onc angulus cﬁ, cum jn cir
~cumfsrentia portionis acceptun
.. puo&um fueriz, & ab;i oadterni-
,nos\;q&almez.qugeﬂ aﬁspoma-
nis, iungunturre@e, angulus -
- quamhisze&is.contentus. Vr sy 4.

_prepef; Wdﬂ EDF gﬂm pqrtmz.- ‘

ED.F. 2

P deo vero knez angplum Coﬁtl-
L, nentes, aﬂ'umqnt penphpnaqr sin
illa infiftcre angulus dicitur. V¢ n

| pro-
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: prépoj.' 27.angulms E D Finfiflis peri-
v " pherieEF.- TR
{o Se@or circuli eft, quandoangulusad
centrum circuli. confliterit, ﬁgura
contenta re&is lineis angulum ¢5-
rchendentibus, & peripheria ab
© ipfisaffumpra, Ve inpropof. 27.fccter -
dicisur figura EHF. ‘
1. Similes circuli portionesfunt,qug ca-
piunt zquales angulos, autin qui-
busanguli zquales confitunt,”;

e
' .

- Propofitio 1.Probl.t.
. Daticirculicentynm insenird.,
' ' Sto datus circu~
lus A B C, cuius

cétrum inuenire o-
porteat. Ducatur
quzdam redta linea
ABvtcunque, abi- , propares,
# feceturqueinDyjat-
que per D ipfi AB
ad b angulos reQos bprep.er.s;
' t erigatur DC, equaz poful.a.

producatur in E, & dbifecetur CE inF. dprop.re,n
'Dico F centrum effe circuli ABC, Sinon;

fic, fi faeri poteft, G, ducanturque g 3.
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A \Pj 2 mori,quod fierinequit. Non ergo G cen-
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G D,GBy&cum A D, D Bequalesfint, |t

Sprp2. 1. communis DG; ecruntduz AD; D G,
duabus G D, D B zquales, altera alteri; b
£prp8.0. f & bafis G A zqualis bafi G B ; funt ;
cnim ex centro G: g ergo & anguli

- ADG,GDBzqualeserunt: Cum au-
tem reQa foper re@am confiftens abgu-
los deinceps zquales. Fecerit , reCtus erit
vterque angulorii:reGus ergoefG D B;

| /l\\ fed& F D B reQus cft;eft ergo angulus
VN F D Bequalis angulo G D B, maior mi-

ter F nullum aliud: F ergo centrum
Quod inucnire oportuit.

Corollarium. I

" Exhis manifeftumeft, fiin circulore %
l

[

l

= trum cft. Similiter oftendemus quod p:fl-

&a quedam re@am quandam bifariam,
& ad angulos re&os fecet,in fecante cen-
tram circaliefle. -

7 Prepofitioz. Theor. 1.
Siinciresls peripheria duo puncta use
cipiantur, reiiaillaconsungens
. intracirculumecadet,
ESto circulus ABC, &in ¢ius p.eriphe-l
Asria accipiantur quzcunque duopun-

& A,B. Dico.reGam, quzex Ain B du-
S citus
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, citarintracirculum cadere. Si non : Ca-
, dat,fifieri poteftiextra,ve AE B, & acci-

b eric & angulus
DAEangulo DBE
: zqualis;cumq; tri-
anguli DAE vaum
‘latus A E proda&i
B . fitinB,¢ eritangu-

. gulo DAE:zquales
: S funt. autem anguli
D AE,DBE,maior ergo e DEB an-
gﬁlusquain DBE;d maiorautem angu-
us maius latas fubrendit; maius crgoeft
' DBlaws,quamDE:cat DB ipfi DF 2~
' qualeeft;maiusergo et DF,quam D E,

minor maiore,quod fieri nequit: Non er-

go quz ex:A in B ducitur extra circplum
,  eadit. Similiter oft¢ndemus quod necia
.+ -ipfam peripheriam ; cadet ergo extra,
0 Siergoia cicculo, &c. Quod

A - i “oporteitdemon-

'D Coroaa ) ﬂl'al'c-

s I T «8’_:’_: .
[ .

g o 'S . Pl‘d-;
i

lus DEB maioran« .

piatur centrum circoli A BC, quod fit Dy

junganturque DA, DB, & producatur.

-~ . .¢ - DFinE.Quia DA,
TSN 4gqualiseftipDB; , gz,

bprop.sits
cprop.Lo.a, ’

d (ﬁ’.l‘ﬂ .

¢ deﬁl}.‘ '

S
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~ Propofitio 3.Theor. 2.
Si in circulo recla quedam linea pey
centram duila, xelamon percentrsumy
ductam bifecet , ¢ ad angulos recios
 ipfam fecabit: Etfiadangulosre~

* Glos ipfam fecet,bifariam

quog, fecabir.

Sto circulus A BC, &re&ta quzdam
CD per centrum ,reGtam quandam
AB non per centrum duam bifecetin

"F. Dicoquod & ad angulosre@osipfam

fecet. Accipiatur enim centrum E,ducan-
tur%uc EA,EB Cumque AF,FBzqua-
les fint, communis FE;eranctduz A F,

' F E duabus FB, FE,zqual¢s bafifque EA,

balt EB: #ergo & angulus A FE angulo
BFE zqualiserit. Cum autem reQa fu-

G~ per re@iconfiftens
angulosdeinceps ¢~
quales fecerit, bro-
Qus erit veerque z-
qualium angulori:
vterque ergo AFE,
BFE reQuserit:er-

-go CDper centrum

. D g - : -
duBabifecat ABnoenper centrum docta,
Tet Mg 1a tos ctos ,é am Bu’ b€ scd
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Sed iath CD ad angulos reQos fecet ipfii
A By dico&bifecareipfam, hoceft, AF,
. F Baqualesefle. iifdem conftru&is, cum
‘ E A, EB zquales fint ; ¢ erunt & anguli ¢prepigue.
E AF, EBF zquales ¢ eft autem regus
* AFErefto BF E gqualis: duoergo tri-
angula EAF, E F B, duos angulos Juo-
busangulis equaleshabentia,& vaum la- .
tus vailateri;nempe commune EF,quod
I ;l.;ialfe ualium 1a:ngullcrmu fubtenditur,
] it & reliqua latera teliquis®qua- g ,pps.5
1 liazequales ergc:lﬁmt AF, FB?Siergoin uha '_:‘
 circulo, &c.Qgodopgrruit dembonftrare, .
' Propofitio 4. Thecr. 3.
i in circnlo due reila lincafe mutad
Jesenssnon per centrumdniie fo
bifayiam non fecabuns.

Sto circulus

ABCD,in
D coq; duz reéta
A & B Dnd pes
centrum duétz,
fe invicem in E
fecét.Dicoquod
fe bifariam non
1 fecent: Sifieri poteft, febifariam fecent;
b Gntq; & AE,EC;&DE,B Exquales; &
dv G - acel=

- TTEF Ve =TT e e

Teu E- e

=
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accipfatur eentrum F ducaturq; FE.Cam
ergore&ta quzdam F E per centrum da- |
~ &a, retam quandam A C nonpercen- |
8prep3.3- trum duGtam bifecet,ad re€os 4 angslos
, ipfam fecabit: angulus ergo FE A reus
clt. Rurfus cumre&a F B, re&am quan-
dam B D non per centrum du@®am bife-
bprep. 3. 3. cer,adbangulos reQos iplam fecabit ; re-
&usergoeit FEB. Oftenfusautem cft&
\, _FEAre@us:ergo FEA,zqualis et FEB,
P 4 ¥ _-minormaiori, quod fieri nequit: non er-
A { go AC,BD fe bifariam fecant. Si ergo
.~ / incirculo,&c. Quod oportuitdemon-

/

. ¢ ftrare. .
3\_,/ Propofitio 5. Theor, 4. -
Si dwo cirewli e imuicems fecuerint, now
. evit ipforam idem centrym.
' ‘ Vocircu-

. <

. . ﬁ“ABCo
- CD G fe inui-
D __F\ ‘g s€ fecent in B,
& C. dico ei‘%('o- |

rum non effei-
demcentrii. St
T B eft;EQo E,iun-
:gatur EC; & ducatur EF G vecungue, Et
adefas. - quisE eentrum eft circuli ABC,acrit EC
- L #qua-
o

1
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#equalis EF. -Rurfus quia Ecentrum eft
circuli CD G Jerit& EC gqualis EG: bdefsf ri
Oftenfa eft autem E C zqualis EF. erit

wrEF zqualls EG; minor maiori,
&od fieri nequit. Nonergo E centtum

"¢k circalorum ABC,CDG.Siet d

tnu.h,&c. Quodoportuitdemon:

Ptopoﬁno‘ Theor. 5.

Si Juo circuli inserive [e mn‘mguf,
A,mpmnﬂmm:dmca‘ Lo

oC,u...'.‘;‘... . ’.’”m' . .
: VO_circul
ABC,CDR
{etangitinteriusin
C.Dicoillorum né
cfle idem centrum.
Sicft: EftoF, um—

wrque FC,
‘ g gucatur FEB vt-
‘utique. Cumergo F centrum fic circuli
‘ABC,dem FC zqualis FB. Et cum F o 4y7s s
‘eknrrim etiam fitcirculiCD EBerit FC bdcﬁuq}
#qualisFE : demonffrata cftautem & FC
equilisFBrergoF Ezqualiseft F B, mi«
‘nor maiori ; quod fieri nequit. Nonergo
F ocntrnm camculoruw lé BC,CDE

Py
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Si crgodmcxrwh.&c.(Lod dpmonﬂn\
" geoportuit,

~Propofitio7. Theor.6.

3i in diametro cirenli accipiasun pap-
: ﬂxm,gwd censyam non fit,ab sognes
sncirculum cadant rele Wmm-
xima eritinqua eft m:tmm 3 MIfnima
reliqus. aliarum verd propmgmor el
gqueper centrum franfit remotiores
Jemper maior cfi: Due antems tantum
ag:ule: Apunciosh circnlum ca-
cfmt advirafque paries
tpﬁwm:ml. P

STo creulus

*A B C D, dlh"
metrus cius AD,
.in_qua fumstur
punéum quaduis
- F,.quod centrum
> aon) fit. Centrum

auté fitE:

ab F ad cn‘culum
te&z quazdam F B.FC,F G. Dico maxi-
mam cfle F A,minimam F D:aliarum fB
muorem;qmm FC;&F Cmaiqrem qui
(]
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F G. iungantur enim BE,CE, GE. Et
quiaomnis trianguli 4 duolaterareliquo aprepas.r,
maiorafunterunt EB, EF maioresBF;
Eftautem A Eipfi B E 2qualis; funt ergo
BE,E Fzqualesipfi A F; maiorigitur eft
AF quam BF. Rurfus cum BE,CE»-
quales fint communis EF; erunt duz BE,

- K F,duabus CE, EF zquales: fed angu-

lus BEF b maior cft angulo CEF: trit bov.s.
eigitur&bafisBF maioriaﬁ CF. Ean- cprop. 240
dem ob caufam maioreft CF,quamFG.

Rurfus cum G F, FE mafores fint quam
EG1&EG,ED zquales;erunt GF,FE

maiores quam E D; communis auferatur -
EF;dreliquaergdGF,reliqui F D ma- dww.s.
jorerit. Eft erge F A maxima; minima

D F;maiorautem F B, quamF C, & hac

maior quam F G. Dicofecundo, quod ex

F duz tantum zquales ad circolum <a-
dantvtrinque a minima DF:¢ Conftitna. eprop.23.9
turenimad EreGz EF,angulus FE H¢-

qualis angulo GEF, ducaturque FH.

* Cum ergo GE, E H zquales fint, com-

munis EF erunt duz GE,EF, duabus
HE,EF zquales,angulufque GEF, an-
gulo HE F zqualis: figitur & bulis FG fprop. 4.2,
bafi F Heerit zqualis. Dico tertio, quod
iplt F G nulla alia zqualis cx F ad circu-
- . G lum
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A lum cadat.Sienime
' cadit; Cadat FK.
Cum ergo vtraq;
FK,FHipli FG
fitzqualis; g erit &
FKipiF Hzqua-
lis : propinquior
ergoci,quzcitper
__centrum, zqualis
eftremotiori, quod fierinequit. Vel fic.
"~ Ducatur EK.Cumergo GE, EXK #qua-
bDefis.  lesfint,communis FE ,itembbalisG F
iprop.da. hafi FK aqualis;éeric & angulus GEFR
. angulo KEF zqualis:fed & E F zqualis
clangulus HEF : ergo& HEF zqua-
lis erit ipfi KEF,minor maiori,quod fieri
nequit. Non ergo ab F plures vna ipli

G Fzquales ad circulum cadunt. Si

ergoin diametro,&¢. Quod
oportuit demon-
ftrare.
0§ (0) 50w

Propo-
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Propofitio 8. Theor. 7.
- Siextracirenlum accipiatnr punitum,
ab coque ad circulum ducantur recle
quadam linee, quarsm vna per éen-
grumiranfeas,religue vt libet. Earum
quidem,quain cauam peripheriam ca-
dunt,maximach,quecfi per centram:
aliarum verd propinguiorei, que per
€entysm  yemotiore [emper mador e,
At carum, queincomuexam pevipberi-
am cadunt,minimacfl, que inter pus-
Etum & diametram ipterijcitur s alia-
_ TUM VErd 5 qhs propimquior minima /
(

e

femper remotiore minor ¢5¥, Dus aut&

_santum equales & punito in circw- ‘2\\[
lum cadunt advirafg par- £
: tesminima.

Stocirculus A B €, extra quemacci-
piatur pun®um D, ab iploq; ducan-
torre€z quedamadcirculum D A, DE,
D P, D C.ducaturque D A per centrum,
Dico quod cadentium ad canam periphc-
riam A EP C maxima fit, qua per cen-
tram tranfic, D A; minima, quz inter
pun&um D, & diametrum A G interijci-
G 4 tur,

\b ’

-

R4

\\/

/

p -
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tur,quz eft D.G; maior autem DE,quam
D P,&hzc maior quam D C. Earum ve-
_ rd quz in conuexam
peripheriam HLKG -
cadunt femper pro-
pinquiorMINIm &
D G, minor eft re-
motiore,hoc eftl, DK
minor e{tquam DL,
& hzc minor quam
DH.Accipiatur cen-
trum M, jungantur-
que ME,MP,MC,
MH,ML,KM. E¢
cum AM,EM« z«
quales fint,communis addatur M D, erit-
que A D zqualis verifque EM, M D; fed
. bprep.20.2, EM, M D b maiores funt quumED: er-
_ E:& A D maioreft quam E D. Raurfus
E, MP zqualesfunt, cdmunis addatur
MD; eruntq; EM, MD zquales ipfis PM,
MD:fedangulus EM D maiar eftangulo
crropags P MD: cerga & bafis E D maioreft bafi.
P D.Similiter oftédemus R D maioréefle
CD.Maxima ergoeft D 4 ; maior DE
quam DP,& D Pmaior quam DC.Cum-.
dprop 304, Que MK, K D d maiores fintquam M D; .
cavs, &M G zqualis MK; ecricreliqua KD
. maior

adefirs,

t




LIBER:IL 10§
maior reliqua GD:Qgare G D minor cft
quam K D,¢ft enim omnium minima. Ec
quialines MK,KD a terminis laceris MD
intratriangulum M L D confliturz {unt,’
feruntillz minores quam M L,L D:{unt fprep.az. 3.
autem MK, ML zquales: ergo reliqua
DK minoreft, reliqui DI.. Eodem mo-
dooftendemas D L mirorem effe D H.
Minimaergoeft DG; minorantem DK
quam D L,& D L. minor quam DH. De-
indedico, quod i pun&o D tantum duz,
aquales in circulum cadant sd vtrafque
partesminimz. g Conflituaturad M li- gorep.zs.1
nez MD anguloKMD zqualisD M B,
ducaturque D B.Cum ergoMK,M B z-
quales fint, MD cGmunis;erunt dug XM,
M D,duabus B M,M D zquales,altcraal-
teri, funt vero & anguliKM D,BM D 2-'
quales, b eruntigitur8bales DK, DB hprop.ges.
zquales. Dico tertioreGte DX d pun&o
Dad circulum aqualem aliam non cade-
re,Sienim poteft, cadat DN. Cumergo -
DK fitzqualis DN ; &ipfi DK zqualis
D B; erits& D Bipfi D N zqualis, pro- ievs
pinquior minime remotiori, quod fieri
non pofle demonfiratum eft. Aliter, Du.
catur MN. Cumigitur KM, zqualis fit
MN,communis M D,& bafis DK zqua-
. G ‘ hs
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lisbaGi DN, & erit &angulusKMDan«
gulo DM N zqualis: fed KM D zqualls
cﬁangulo BRMD: crgod BMD zqualis
erit N M D, minor maiori; quod fierine-
- quit:Nonergo plures quam dug a pun&o
, Dadcirculum AB Czqualesad vtrafquc
partes D G eadunt, Si ergo exera circu~
lnom,&¢.Quod demonftrare oportuit.

Propof 9. Theor.8.

Sé intracirenlum sccipiatur panitum,
abeoquead circulum plures quam due
equalesrelle cadant erit acceptum

punilumscentramecirculi.
ESto intracirculum A B C acceptum
pun&um D, ab eodue ad circulum
_ ABC plures quam duz re&tz 2quales ca-
T " dant,pempe DA,
, - \ DB,DC.Dico D

centrum cffe cie-

"N\ culi ABC.i lunga-

t _ —Geyr AB,B C.bife-
. ; y centurquein E &

‘ F,&iun&2zED
- AN DF.producanw;

" inG,K:& H, L.
Cum erga A E xgualis it E B.communis
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E Dseruntdug AE,E D,duabusBE,ED
xquales; cft 4 verd & bafis D A bafi D Ba ex bypes
zqualis: erith igitur &angulus AE Dan- #%4.
gulo BEDzqualis: ¢ reQuser ovterq;:’z;!":‘:‘
eftilccatdergo GKipfam AB bigriam,&a 970933,
ad angulos re&os. Etquia, ¢ quandoin ccorprop,
circulo re@a re@®am fecat bifariam & ad #.3. '
angulos reGos , in fecante centrum cft
circuli,eritin GX centrum circuli ABC.
Eiadem ratione centrum eritin HL: &
nullumaliud commuae pun&umbabent
~re&z GK, H L prater D:cltergo D cen~
trum circuli ABC.Si ergointracirculum,
&c. Quodoportuitdemonttrare,

Aliter.

INtra circulum ABC fumatur pun&um
D, abeoquead circulam plures quam

: duz re@z zqua~
9 les cadant, DA,

DB, DC.Dico®
S G cfle centrumcir-

culi ABC. Sinoa
ot Eflo E, &iii~
&a DE proda-
ABC catur in F & G. .
« Eftautem F G diametrus circuliAB C. 4 4/
Cum ergo i diametro FG acceptum fic.
, pun-
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- pun&um D, quod centruay circulinom

bprep. 73, cftb erit D G maxima;maiorautem D C

. quam D B, & DB maiorquam DA ; fed

~ "~ &=zqualesfunt; quodfierinon poteft. E

z £ o\ Srgocentrum circuliAB Caon eft.Simi-

T Tt tliter oftédernus quod prater Daliud nul-
\ , , lum:D ergo centrum eft circulic .

‘L'c/ , Propol1o.Theor.s.
Circulus circalum in pluribus, quams
duobus puncti mon fecat. )

SI fieri poteft {ecet circul® ABC circulis
DEFin pluribuspun@isqui duob*,ve
. . inB,G,F,H,
iun&¢4;BG,
" B HabifecE-
“tarinK 8& L3
atq; exK, &
L lpﬁs B G,
BHad ban-
ules re&os
duétz K C,
. . LM,inA%
E predutsatur. Ciergoin circulo ABC
reta quaedarh AG,reGam quandam BH
¢ pry.;,3. bifasiam, & adangulosre@us fecet,¢ erit
in ACcentrum circuli ABC.Rurfuscum
ineodem circulo A BCreQaquzdiN X

aprapte.. ‘

- bprepasa,

¢

re@am
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re&amquandam B G bifariam , & ad an-
ulos re&os fecet, d eritin N X centrum dprep.y.5,
circuliA BC., Demonftratumautem eft
quod & in AC:atquiin nulloalio pun&o

. re&z AC, N X concurrunt y quamin Ot
. eftergoO ceatrum circuli AB C Simili-

ter demonfirabimusceatrfcirculi DEF

in O efle:dugrum ergo citcylorum ABC,

DEF feinuicem fecantium idem eft cen-

trum O: ¢ qubdfierinequit. Non ergo eprop.s.3
circulus cireulam, &¢. - - :

... Aliter. Circalus ABCcircolom DEF,

in plugibus quam duobus punétis feeet,
.'F,inﬁ!;G* ;

H,F, Accipiaidf circuliABC
A centrum K,iun.
: g ganturueX F,
G,K 8. Cum
ergointracircus
lum D E Facce-
ptum it puntii
N K, ab eoque ad
YT & circulum DEP

eadant plures qui duz re®ta 2qualesK B, ;

KF,XG,aeritK centrum circuli DE F: 8prop. o
{ed eftetiam centrum circuli ABC:Duo-
rum ergocirculorum fe fecantium idem

¢ft centrum;  quod fierinon poteft.Nom byres. 2.
§rg0 cfl;}culu? circalam in plusibus q;am
o=
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ducbus pun&is fecat. Quod oportait de

monlftrare,

Propofir3.Theot.14,
- Siduocirenlifeinterins roatipgt#t,ré- '
G4 linea corwm centra cominngens | fi
producasar,cadetincontactivm
~ circulorum, .

Vo circuli ABC, ADE interius fe
contingantin A. Accipiaturcirculi
quidem A BC ceatrum F; circnli vers
A ADE cénrrumn GY

- Dico quod, quzex
Gin F ducitur, fi p-
ducatur, in contas
&um cadat. Sinou.
« gada; alid,t FGD
, ,iunganturd; A F,
T AG.gﬁm'erg%)AG,
apropaes, © Famaioresfint quam F A,hac eft,qui
o FH(zqualisenimeftF A ipli FH, efte-
' * nim vtraque ex centro) aufcratuf com-
munis F G : reliquaergo A € maior etie
Mdef.rgq. Feliqui G Hieltautem AG,piGD bzl
0T qualisseritergo G D maioripfa GH, mi-
‘mor maiore. quod ficti nod poveft. Nork

’ age

}
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ergo quz ex Fin G ducitur, extracenta-
&um A cadet. Ergoinipfum,
Aliter. Cadat vt GF C, quzin H pro-
ducatur,iungantur§; AG, A F. Quia er-
goAG, GF ¢ maioresfunt quam A F: ¢ppp.10.1
fed A F d zqualiseft C F,hoceft, FH: ddefrs,

" communis suferatur FG; eritque A G,

quamreliqud G H maior:hocelt, GD

maior erity quam G H; minor quam ma-

ior; quod fierinon poteft. Idem abfars

dum demqoftrabimus fi maioris centrum

fit extramiporem circulum, Siergoduo
circuli,&c. Quodoportuitdemonftrare.’

.Propof.12.Theor.11.
‘Siduocircnlifef¢ exterius contingant
reclaipforamcentraconiungens . —= /5\

per contaiium tran- Y
ae - 'ﬂi’. : . F'-“‘ \\‘i//

1\ Vocirci ABC, A DErangantfe *
‘exteriusin A.accipianturque gircu-
lorum centra quz fint ¥, G. Dico, quod,
uzF, Giungit, per conta&um A tran-
“feat. Sinon: tranfeat, fi fieri poteft, vt
FCDG; &iungintar AF,AG. Cum .
igitur F centrum fit circuli ABC; # erit | dfrs;
FA,zquals FC: Etcum @G ftcentrum '

s circu~
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circuliADE, erit& G Aipfi G D zqua-

lis. Oftenfa'eft autem & FA zqualisFC,

Sunt ergo FA, AGipfis ¥ C, DGazqua-

- les. QuaretotaF G maioreritiplis F A,
bprop.aeq. AG:led &5 minor eft:quod fieri non po-
teft. Non ergo queex F in G ducitura-

liorfam quam per A contactum eranfit.

Stergoduocirculi, &c. Quod oportuit .

demonitrare. .
Pidbbﬁis,i_hédr.t‘z.

o Cireslau ciresluminpluribus puniin

© " wme nomsangit, fiucinterime, -
- flueexteriustam- .

.- gah. .

Sl fiexi poteft , tangat primo circulus

W ABDCcirculum EB F Dintetiusin

- glaribus quam vae punétis, vtin B, D:
: &
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8¢ fumatir cisculi A BD C ceatram G
circuli E B F D centrum H: ergore&ta

centra G, Hiungens d cadetin conta@us 8 prep.tishs
. B, D;cadat&BGHD.Cum i%i;turGﬁt LyE
" c€eumcirculi ABD CjeritB

; 2qualis
ipfi G Dymaiorigitur R BG quam HD;
multo ergamaior BH, quam H D. Rurs

fus cum it H ceriium

circuli EB F D,zqua.

: lis eri¢ B Hipi HD:

13 oftenfa eftautem mul-
B t0illa maior,quod fie-

D tinequit: Nonigitug
circulus citculum in-
teriug pluribus quam

vno pun&o tangit.Dico quod neque ex-

serius. Si enim fieri potéft,tangat citculus

A CK circulum AB D Cexterlus in plu-

ribus pun&isvno, vein A, & C,iungana

surdue A, C.Cum ergo in petipheria cir-
culorum A B D C; A C Kacceptafint

dzcunque punta A, & C, 4 cadetre@a 2745

illa coiungens intra vtrumqiie circu.
lum.Sed cadit quidéia circulam ABDC;

extraverdcirculom ACK. & Quodeft bprep: 443
abfurdum,Non ergo circulus circulii ex~ _ :

train pluribys punQis vngl tangit.oftea-

Cfam

T e
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fum eft autum quod neque interins:
Circulus ergo, &c. Quod oportuit de=
monftrare. e

| ‘Pmpof.' 14.Theor.13.
In cirewlo equales rectalinea, qlulia
terdcentrodiftant. Et, qua aqua-
biter acesitro diftant a-

guales funt.

. SVnto'in circulo ABDC reéiz A' B,
spropasa. JC D, zquales. Dico eas equaliter &
eentro diftare. Efto centrum E.d 4quo ad

' A__ € re€asAB, CD per-
‘pendiculares ducan<
tur EF,EGQ&iUﬂ'

. o G | gantur AE,EC.Cum

\:\B‘/}D trum du®a, reGam

quandam A B pom '

bprpss. pér centrom duam, ad angulos reGtos

fecet ; b & bifariam eamfecabit: 2qua- -

_ lesergofuntAF, F B: Ergo!A B dupl
Q defimir, cﬁipéus AF.Obeandem caunfametCD
bwme,  duplaiplius CG:ezqualesergofunt AF,
¢e%7: € G: cum igitur d 8 AE, ECzquales

fint, |

|

ergoreQaEF percé- |
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finti e erunt & quadrataipfarum A E,EC
gqualia:Suntautem ei quadrato fquod ex f prop, 474
AE,zqualia quzex AF,EF (cfteniman- -
gulusad Frectus ) ciautem, quodexEC
sequalia funt,qug ex EG,GC (nam &an-
gulusadG regus efl.) Suntergoquzex
AF,EFzqualiaillis,que ex CG,GE.Cii

- ergdquod ex A F, zqualefitilli, quod ex

- BT

P B e T

s

R 4

G C(funtenim A F, C Gzquales )erit &

‘reliquum , quod exF E, reliquo quod ex

E G,zquale:funtergo EF; E Grquales.
gl cir?.ulo auté zqualiter i centro abefle séred
dicunturre&z, quando perpendiculares

- excentroad ipfasdu@tz, zquales fuerint:

Scdiam diftent A B,C D zqualiteracen=
tro, hoceft, EF, EG fintzquales: Dico
A B,C D zquales efle.iifdem conftrulis,
demonftrabimus; vtprius, AB duplam
effcipfiusAF, & CDipfiusCG. Cum-
§ucAE, CEzqualesfinterunt &earum
quadratazqualia. b, Suntverdei, quod kiprepigs7:0
ex A Ezqualia,qu¢ ex EF,FAi& ci,quod
exCE,illaqueex EG,G C: ergoquz ek
EFF A funtillisquzex E G,GCaqua-
kia. Cumautem ci quod exE G zqualefis
quod exEF ( funtenim E G ; EF zqua-
les)erit & reliquum,quod ex AF,reliquo, .
; v Hoa quod
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uod exCG, zquale, zquales fung
qA F,C G.Eﬁant‘zm ipﬁuz AF Jm AB;
& ipfius C G dupla CD; zquales ergo
funt A B,C D.lIn circulo ergo zquales re-
&z, &c, quodoportuitdemonfirare. .

Propof.15.Theor.1 4.

Incirewlo maximaest diametrws: alig-,

yum werd femper gue propinguior
et centro remotiore ma-
forest.

Stacirculus ABC D, cuius diame-
trus A D, centrum E; propinquior
diametro B C,remotior fit F G, Dico ma«

ximam effe, A D,maio-

rem BC,qui FG.4Dy~
GNDE

apropiiant

1y Canturenimaicentroad
. BC,F Gpetrpendicula=
resEH,EK.EtquiaBC
propinquior eft centroy

- remotior FG: b maior
Sdf” ! eritEK,quamE H. ¢ Ponatoripi E Ha<
Sprpair. qualis EL; & per L  ducsturipfi EK ad
angulos reftos L. M; qua dutain N jun-

gantar EMLEN,EF,EG.Com ergoEH.

ipfi EL fitzqualis, ¢ crit& BCiptiM N

: Zqua-

|
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squalis. Rurfuscom AEiIpiEM;'ED 4ppp.14:
vgrb ipfiE N fitequalis erl;t &ADipflis prp-ies
ME,NE zqualis:fed fME,N Eipfa MN
maiores funt: erit ergo & A D maior qui o
M N.Etquiaduz M E,E N, dusbus F E, £ praps0.5s
E G zquales funt; angulus verd MEN :
maioranguloFEG: g erit& bafisMN

- maiorbafi F G:fed M N oftenfacft zqua- gprep 244

lisB'C: ergo & B Cmaiorelt quam FG.
Maxima ‘ergo cft diametrus; maiorBC
quam F G, Siergoia circulo, &c. Quod
oportuit demontrare.

‘Propof.16.Theor.15.

Quadiametroad angulos reétos ab ex-
sremitateducitur, extracirenlumca.
dit.Etinleci, quiinter reifam lineam
& peripheriam interiicitur, aliarecia
won cadit, Et femicirenli angwlus omni
* acutoreciilincomaiored,reliquus
" autem minor,

< Sto circulus AB Ccircacentrum D,

& diamerrum AB.Dicore@s lineamg
sb A ipfi AB sd angulos re@os du@am
extra circulum cadere.Sinon:cadat,fi fie-
¥ipoteft, intra, vt AC, &iungatur D C.
- ) H 3 Cum




us tre2er IIE
Cum ErgoD A firzqualis DC,erit & an?
‘u'lus DA C angulo A CD zqualis: eft
verb o ‘ autem D A C*re&uss
thef. - ' reQusergoerit& AC
B ED: funt ergo D AG,
\ A C D duobus re&is
: zquales, « quod fieri
it p o ncquit:Non ergo que
- ab A pun@o ipfiB A
adangulos reGos du-
. . citur, intracirculum
cadit. Similiter oftendemus quodnecin
peripheriam : ergo extra cadit, vt AE.
Dicofecupdd;in Eicum inter AE,& peri-
pheriam CHA intericGum,aliam re@am
non cadere. Sipoteft: Cadat,vtF A, du-
caturque ex D ipfi F A perpendicularis
DG. Etcumangulus A GD re@usfit,
barep.32 1 k minor re@o D A G; ¢ erit AD maior
serop-194 quam DG ¢ eft autem D A zqualis ipfi
D H;maiorergoeft D H,quamql_) Gmi-
normaiore; quod fieri nequit. Nonergo
inlocumre®@i AE, &peripheriaCHA
interceptum,aliare&a cadit. Dico tertio
angulum femicirculi re®a A B, & peri-
pheria C H A contentutn, omni acato
reQilinco maiorem effe; reliquum veré
peripheria CH A, &re@ta A E conten-
- - tum’
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tain; tinorum, Sienim eftaliquisangu-

gulus maior contento re®3BA, & peri

heria CHA ; minor verd contento pe-
ripheriaCHA; & re@3AE, cadetinter
peripherism CHA, &re@am A Elinea

~ reca, que faciacangulum majorem re@i

B A,&peripheria CH A contentum{qui

re@islincis continestuf )} minorem verd,
peripheria CHA ;:&re@a ‘A E tonten- .

tim:atnongcadit. Non ergo eritangulus
acutus re&islineis contentus, qui maior
fitangulo reG@a B A, & peripheris CHA
contento;nog; minor,CHA,8 A E cone
m‘m,"ffihr-; Lo [ o
v Corollariam.:
U Xz hismanifcftum eftreQam,quedia«
mieyro-aly extiemitate ad angulos reGos
sacitar, cicealum tangere, &re@am cir-
eulum in ¥no duntaxar pun&otangere:
fiquidem quz circulo in ducbus pun&is
accurrunt,4 intrg circulum cadeee bften
fom ¢ft.Quz ergo diametro, &¢. quod o-
portuitdemonftrare, - - .o
" Propof.17.Problz,
Adstopunctoreitamlineam ducere,
que datumcirculupntangas.
H 4 Efta

. e

A o

dperp.2y
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; Sto pun&um datuts A, circulos da-

Etus B CD. Oportcar autern ex pun-
- &o A re@iducere, qua
' A cisculumB C D tangat.
_ Accipiatur cérrum cir-
culi E, ducaturque A E,
& cehtro E, interuallo

s EA defcribatur circulus
sspars, AFG, &ex Dre@z E Asd sangulosre-
&osducatur D Fiungantueg; EBF,AB.
Dicod puno A re@tam A[B duGtam:ef.
fe,qug circolum BCD tanget.Cum enim
Ecenvrumfiecirculorum BCDL,AF G;
bdef1s.t. perunttam EA,EF, quam ED, EB s
quales; dugcrgo A E, EB-dpabus FE,
E Dzqualesfunt, habentqueangulum E
) Q'TO’.'J.' cofn_muné:ft'crit ig.‘“r‘ba 1S D‘P : ﬁ’h B
. #qualis; & trigogulom D EFtrizagulo

EBAzquale; rcliqui(rsc angubi rdiE-Di:
eftigituripi E D F equalis ERAzar: !
re&us eft; eritigitur & EB A reGtus. Eft
eorslpre: verd E B ex centro s d quzautem diame- |
P93 o circuli ad reGos ducitur re@alines;
tangit circulum : tangit érgo A B circus
lum.A dato ergo pun&e,&c.Quod

_ ‘oportuitdemonttrare,

Pro-
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Propofitio 18. Theor, y6.
85 circulum tangat linea quadam re-
éBa,acensraantemadtaiiumreia du-
. catur,erisilaadtangentens per-
- pendiculara.
Lt T Angat re8a -
. & qu¢dam DE
: circu‘ium ABC
in C, fumaturq;
centrum F,atque
SR NE B - ab F ad C ducs-
coedsQ /@l wrFC.DicoFC
ad DE pergendicularem effe: Si non: du-
catur #b F ad DE perpendiculatis F G.
CumergoangulusF G CreQusfiv; aerit ) 55,0,
G C Fjacutis s b cumque maiori angulo bsrep.sg.s
maius Jarus:fubtendatur, erit linea FC
ntiiof, quam EG: Eft verd F Cézqualis ¢ds/:17.
ipfi-F By msior it ergo FB,quamFG,
minor maiore, quod eftabfurdum: non
ergo FGad DE perpendicularis cft: Si-
militer oftendemus przter F Cnullam a-
liam: FC ergoad DE eftperpendicularis,
Siergo circulum tangat, 8. Quod
oportuit demon-
.. ftrare. .

A H g Pro-

¥
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Propofitiorg. Theor.17.
Siveita lineacirculumaangat, & ata-
In tangents reélaquadam adangulos
recfos ducatur eritinillacens -
- #rsm civculi.
I ANGAT cir<
_cilum ABC
o re@a DEin C,&
L B ¢x C:ipﬁ'D,Ead
- : . / angylas reGtosdu-
B “—g catur CA, Dicoin
1 TICA effecentrum
eirculi. Si mon: fit, {i fieri piotefh, F, iunga-~
. turque CF.. Cumergoditculum AB C
. tangatre®a'DE, & d centread taGumy
pprop. 12,3 duafic F G, aerit F Cad D E perpsndi-
cularis: angulusergo F GE. teQusicfl: eft
1 iwerd & A C Ere®us: wqualisergo eftan-
gulus F CE,angula A CE, winor maia-
ni; quod eft abfurdum : F ergo centram
. eirculi AB C non eft, Similiter oftende-
mus nullumaliad effe, prter id quodin
. AC SiergoréQalinea, 8ic. Quod -
. demonfirare opar- .
tuit.

N(:ox)sp |

Pre-~
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Propofitio z0.Theor. 18.
I3 circslo angulus ad cewtrum duplue
¢ft anguli ad peripheriam , girando
eandews peripheriam pro bafi.
. . babens..

Y. STo in citculo
‘A B C angulus
D ad centrum BEC,
ad peripheriid BAG,
fitque vtrinfque ba~
- fis peripheria B C.
: Dico angulit BEC
i duplum effc anguii
B AC.iun&aenim AE producaturin F.”
Cum s ergo E A xqualis ficipfi E B; eric ade/ir.x;
& angulus E A B zqualis angulo EBA: .
SuntergoE A B,E B Adupliipfius EAB: bprep.32.
eft bautem BEF zqualis duobus EA B,
EBA :Eftergo BEFduplusipGusEAB,
ob eandem caufam eft angulus FEC du-
plusanguli E A C:totusergo BE C toti-
us BAC duplus eft.Sitalter angulusBDC,
iup&aque D E producaturin G; & fimi«
liter demonfirabimusangulum GEC du.”
plum efle anguli ED C: quorum GER
du ?lus cltiptius EDB:reliquus crgoB::C
Y. ' s
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duplus erit reliqui BDC. Siergoin circu-
lo, &¢. Qurod oporuit demonftrare.

Propofitio 21.Theocr.19.

I8 circwla qui im eadem portione funt

anguli,equales funt.
o - CImr in portione
‘ A L7 SB AE lg circuli
7 ?\ ABCDanguliBAD,
. BE D. Dico illos =-
\ qualeseffe. Accipiatur
centram F;ducantut=
"D queBF,FD. Et quis
a t an%xlus ‘BFDad cen-
trum eft; angulus B A 8 ad peripheriam,
v~ habeatque baﬁmlea;d;nl\) Bl‘iphcriam
, BC D: aerit angulus aplusangu-
Y BAD. Qb c:g:lxem caufam er[i,t angngl:s
BF D duplus anguli BED; Sunt ergo.
BA D, BED zquales. Incirculo ergo,

&c. Quod oportuit demanfirare.

Propofitio 22.Theor.20.
Duadrilaterorum in cirenlo deferipto-
" rum anguli, qui ex aduerfo,due-
busrectis equales funs. .
' ) Sit
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SI: in circculo A B C D quadrilaterum
A B CD.Dicoangulos cx aduerfo effe
. zquales duobus re-
€ &is. Ducantur AC, .
BD. s Quiacrgoom- aprop.sa s,
nis trianguli tres an-
guli duob’ re@is funt
A &quales ; crunt & tri-
angali AB C tres
CAB,ABC,BC A ducbusre&iszqua-
les. Ef autem CA B $xqualis B D C an- bprop.ar.s.
ulo ( funt enim in eadem portione
ADC:)&ACBipfiAD B (funtenim
in portione AD CB:) totusergoADC
duobusBAC, A CB zqualis ft: Com-
munisaddatur ABC duobus BAC, ACB
fimul: & vni A DC feorfim jeruntque
A BC,BA C, ACBduobusABC,ADC
zquales. ¢fed ABC,BAC, ACBzqua- bpropsat
les funt duobus re&is:crunt ergo & A"BC, '
ADC zquales duobusre&is. Similiter o-
ftendemus & B A D, D CB z2quales cfle
- duobus retis, Quadrilaterorum er=
go;&c. Quod oportuitdes
- monftrare. ‘

)

Pre-



, Propoﬁuo 23 Theor. t3 M
Swper eadems reita lines due :trmid-
" rumportiones fimiles, & inaquales
éd cafdem partes, non
o ca»ﬂm:mmr

SI fieri poteﬁ,co-
flituantur faper
cadem re@a AB
.A duz circulori por-
25 B tiones fimiles,&in-
zquales ad cafdeth
partes, A CB, ADB; duQaque ACD
tungantur CB, BD. Cum ergo portio
didefary. A CBfimilis it portioni A D B, 4fimiles

autem portioncs zquales a éulos capi-
ant,erunt anguli A CB, A D B, zquales,

bpropasa. externus & mternus oppofitus, b quod
fieri nequit. Non ergo fuper cadem, &c.

(Lpd oportuit demonflrare,
Propofitio 24.Theor.2 2:
 Saper equalibus reciss liness fimiles
éirculorum pomme:,dgm-
les funt,

Slpt fuper z qualibusre@is A B,CDfi-

nhlcs cu'cu orum portiones A EB,
CFD.
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. €F D: Dicoillas eflezquales. Congru-
ente enim portione AEB porrioni CED, .

| X R
‘ far
At B &~ D
roﬁtc‘x’luc Apun&ofuperC, &re®a AB
uper CD,congruet &Bipfi D,quod AB,
CDrzqualesfint. Congruenteautem re-
&a A B etz C D; congruet & portio
AEB portioni CF D.Quod fire&a qui-
dem A B congruat reGz C D; portiove-
16 A E B,portioni CF D non congruat;
¥ fedalid cadat, vt CG D, fecabit circulus >
# circulum in pluribus quam duobus locis L
vtinC,G,D,4quod fieri nequit. Non er= *27op1eh
gocengruente rea A BreGtz C D, non
congruet portio AE B, portioni CFD: A
Congruetergo, b adeoque zqualis illi ¢~ DA/8-4
. fit.Siergo fuper, &¢. Quodoportuitde-
« monftrare.
_ Propofitioa 5. Probl.3. B -
Dataportione civenli,deferibereciren- o
bum cyins eft portio. - A /—1\ '

a;v Sltdata circuli portio A B C, oporteat-
o
D .

que defcribere circylum ;s cuius A B fC
‘ it .
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aprop. sea. fit portio, @ Bifecetur ACin DitGex D
bprop.1s. bducaturipfi A CadangulosseCtos DBy

A « Z )\!zﬂ
zs | A

iungaturque A B. Ane

lus ergo ABD , angus«

25\ lo BAD aut cft maior,

E | aut zqualis, aut thinor.

cppart. gL—t—c Sit primo maior,¢con=

flituaturque ad Arc@z

A Bangulus B A E #qualisangulo ABD;
producaturque DBad E.,& iungatur EC.
Cumitaque angulus A B E fitzqualisan-
dprop. 6.3.guloBAE,derit & E B zqualis 1pfi AE;
& cum A D zqualis fic ipli D C, fi com-
munis D E addatur,eruntduz A D,DE,
duabus CD, DE zquales,alteraalterii &

angulus A D Eangulo C D E 2qualis;eft |

eprop.¢. 1. enim veerque reCtus; ergo & bafis AE
bafi CE gqualiserit. SedipiAE dem3.
ftrata oft BE ®qualis; eritetgo& BEa-
qualisipfi CE:cresergo AE,EB,EC¢

€rap. 9, 3. quales funtt feirculus ergo centro E, &
interuallo vaa ipfarum AE,EB,ECde-
fcriptus, teanfibic ctiam pet reliqua por-
: tionis

-
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~ tionis pun&s, & circulus defcriptus erit,

Circuliergo portione dats, defcriptus ¢ff

circulus,cuiuseft portio; 8 cum centrum

- extra portiond cadat, manifeflii eft por-
tionem minoré effe femicirculos Simili-
“ter fi ABDangulus,fuerit zqualisangulo

B AD, gerit A D zqualis vtrique: BD, g exfires

funt,& D centrum circuli, portioque fe-
micirculus: Siveroangulus A B Dminor
fueritangulo BA D, 4 conflitoaturad A
reGz B A angulis B A E 2qualis angula
A B D,cadetquecentrum in' D Blincam
intraportionem ABC,& erit porticABC
femicirculo maior. Si ergo ducatar EC
oftédetur viin primafiguratresBEE A,
E Cefle zquales. Dataergo portionecir-
cuk, defcriptus eft circulus, cuius eft por-
tio, quod eportuitfacere, :

"' Prapofitiosé. Theor.29..

" Im aqualibus circulis aquales anguli &,
o qualibus peripherics infiftuns ,ﬁut ad
i centrafiucad peripherins in

4 " fiftant,

h IN circulis zqualibus ABC, DEF 2«
‘9' qualesinfiftantanguliad centra,B G C,
A

B )

1 EHF; |

D C; ergotres. DA, DB, D C gquales ##7ae=

19p.6.1,

bprep.ag.1y

(A
22

-

,
i

£
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EHF;ad peripherias BA C,EDF.Di-
coperipheriss BKC, ELF zqualesefle.

Tungantur B C,E F. Exquiacirculi zqua-
s defir. g les.}gnt.a.emm & quz ex centriszquales,
DuzergoBG, G C,duabus EH, HF =
' _quales funt: fed & anguli G, Hzquales
bprep. 4.1 funt: b ergo & bafes BC,E Fequales erfic,
Etquiaanguliad A,D gquales ponuntur,
cdef 10,3, ceruntportiones B A G,E D Ffimiles, &
dprop.s.4.0 funt inzqualibus reélis BC, EF, dqua
autem circulorum portionesfimilesin -
qualibus funt re&is lineis,zquales funts '

portiones ergo BAC, EDF zquales funt:
Sunt verd & toti circuli 2 ua?cs;reliqua '
ergo peripheria BKC, relique ELF 2+ |
qualis eft. Inzqualibusergo, &c.
- Quod demonftrare o- '

' portuit.

«08(0) 0w

s Eh

Pro-
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- Propolitio’s?. Theor.24.
In aqualibue circnlis angnli qui aquae
- kibus infifinnt peripheric ,aquales - -
S funt,fine adcentra.fike ad pe- s
* vipherias infiftamt. -

Ve

N eoulius res ABC, DER & |

qualibus peripheriis BC, EF infiftane

oA o’
0N
- {4 — - -.'_i
angulisd centra BEC;EH P ;2 ad perd-
mas BAC,EDF. Diconmanguega :
GC,EHF,quaumBAC,EDF 2qua- -
fes offe. Sicnim BGC, EHF'taualu o
funt, sperfpicoymefi& BAC,EDF & apmp.ivn

quales effe. Sipon fant ¢ erit vous maion
Sitmaior BG C:8 B conflituatur sk pun- pprep.a3u2
&um Gre&2 BG angulus BG Kequa-
Yisangulo E H F cariguli satemuquiales cprapasip
“#tqualibus perighériis inGifthat , cumn fivie
“ad centra: peripheria ergo B zqualise- -
“titpetipheriz EF 1 fed & EF gqualis oft
;BC: ergod igﬁBchuIaliu‘mb-
o X ) 3%
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normuon,g;gc(l: Er nonpoteﬂ‘ Non

ergoanguli Finzqualeésfungs
dprop.aey équalescrga. dEftque angolusad A an-
E:Jﬁ BGCs& angnl\u ad Dianguli EHF

.17.:. idius e Sune erge &an,guh ad A,D
/4-\ zquales, Inzqualibus ergocirculis, &c.
r

(mpd pportuit demonfirare., ;

{\’5)\ Propoﬁuo 28.Theecr.z2§.. {
3| In aqualibus cireulis #gules recie k-
[~ Weamguales peripherjas anferunt,ma-

‘{‘ \ /‘ forem gquidein maioris minorem
 Autem m:mrt. ‘
SI NTip zquallbus cxrcuh&ABC, DER
q.-gpalcc 1s@zRGE F,aufcrcntcs pg-

LRI ﬁphpnammm B;ACJ,DE, prunores :
.BGC,EHF. Dicetam msiofes, peti-

- phibriss, quam minereazqualesefle. Su-

1imaiituy -efiim circalprumcentraX, L&

‘uﬂmurKB.KC;EL.LE,& fune c:ﬁ;

i3 X -
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culi zquales; aergo & qu ex centris z- 0442142
quales erunt: iFitur duzBK,K C,duabus
EL, LF zquales fant; fed &bafes BC, .
E Fzquales fant: berunt ergo &anguli b2 """
BKC, ELF zquales; ¢ zquales aucem cprope26:3
anguli zqualibus peripheriis infiftunt
cum fuerint ad centra; ergo peripheris
BGC,EHFzqualesfunt; [ed & teticir-
culifuntzquales:; reliqua ergo periphe-
rizBA C&.D Fzquales quoque erunt.
Si ergoinzqualibus circulis, &c. Quod
oportuit demonftrare, .

_ Propofitioz9.Theor.26.
In aqualibus cirenlis aquales periphe-

- videagualesretelinea [ub-

© tendunt.

ACcipiantur‘m zqualib? circulis ABC,

DEF ¢quales peripheriz, BGC, ';f':;i::“?&;gg

" EHF, & ducanturre@2BC, EF:Dico’ ; ;e

re&as BC, EF zqualcs effc. Sumantur
enim circulorum centraK, L, & iungan-

- turBK,KG;EL, LF; Cum ergo periphe-

riz BG C,E HF zquales fint, 4 crant&
anguli,BXK C, EL Fzquales; & cumcir-
cult zqualesfint; b erunt, & quaex cen- bdef 1 g,
tris zquales : Duz ergo BK,KC, dua-
buc EL, LF zquales {unt, contineneq,

o I3 £qua-

aprop.a73
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epioy, 4.2, Tqualesangulos ;eergo& bafes BC, E B
Rt equales crg:t. In zq?:alibus ergo c’nrcu-'
- kis, 8c. Quodoportuit demonlftrare,
" Propofitio 30. Probl. 4.
Datamperipheriam bifariam fecsre s,

- Sto data periphe-

: ria ADB, quanx

ﬁ bifecare oporteat du«

appte.s, A 1 . catur A B,s bifecetur-
Yropasea. quein C; & ifpun=-

&o C ducatur ipfi A Bad angulos re@os
CD,iynganturq; AD, DB.Etquia AC
zqualis eft C B,communis C D; eriit duz
-AC,CD,duabus BC,CD zquales, & an-
“gulus A CD angulo BC D gqualis, eft
prop. 4. 1. enint vterque reCus ; ¢ erit ergo & bafis
49222 AD bafi D zqualis;dzqualesauntéreQe
' zquales peripheriasauferunt,maioré ma-
iori,& minorem minori,eftq; vtraq; peri-
pheriarum A B, D} minor femicirculo,
quareperipheria A D zqualis eft periphe-
riz D B: data ergo peripheriabifectaefte

Quod oportuit gcerc.

- Propofitio 31. Theor.27. ™}

Incirculo angulus, qui in femicireulo,
reclus eft; qui in portione masore mi-
wor;
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F Mer s qui in minore maior velle off,
 Infuper maioris portionis angulus ma
: sorrecto; minori relfo mi-

' voreff, . .
ESto circulus A B CD,diametrus BC,
~centrii E, &jungantur BA, AC,AD,
] D C. Dico angulam
BAC in femicirculo, -
reGum eflc.ABC,qui’
eftin portione maiore
¢ femicirculo, minoré;
ADC,quijcftin por-
tione minore, maior€ .
re®o.Ducatur AE,producaturg; B A in
F.Etquia BE,EA zquales funt,scrunt & sprep. 5. &
angult E A B, EB Azquales.Rurfus,quia
; EA,ECzqualesfunt,eritt & anguliACE,
. GAE zquales: totus ergo B A C duobus
;
]

- T D N

e TR g W T

I

ABC,ACBzqualiseft. s Eftvero.& FAC bprepsa.te
externus duobus ABC,A CB zqualis: z- _
. qualesergofunt BAC,FAC;eergo reGus c4f 10t
;- vterque. QuareangulusBACinfemicir- . .
culoBACrelt’efl.dEt quis trianguli ABC 4,417
duoanguli ABC, BAC duabustetjs mi-
nores fant;BA C auté reGus cfl;eri’ABC
,, minorrefo; & eftin portione A BCma-
, dori kmicircalo. Rurfusquis ABC D i
l' S I‘ 4 - Ci(f‘
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* eprapas,g. circulo quadrilareriieft; e quadrilaterorl
autéin circulo deferiptori,qui exaduerfo

anguli duobus reis
zquales funt; erunt
ABC, ADC duo-
bus re&is zquales; &
| eft ABCminorre&o;
reliquus.trgo AD C

. maior; & eft in porti-
‘oneminore femicirculo. Dico praterea

maioris portionis angulil contentum pe-

ripheria AB'C, & reGa A C maiorem

effe re@o ; minoris verd portionis pe-

ripheria A D C, & re&ta AC conten-

tum , minorem. Quod per e apparet.

. Cumienimangulusre@tisBA, AC cGten-

tus reCus (it, erit quiperipheria ABC, &

re&a AC continetur maiorreGo.Etcum
sngulusreQisAC,AF cStentus,reQus fit;

- eritre@a A C, & peripheria ADC coten-
tus,minor reGo,Aliter demdftratur BAC

recti effe. Angulus AEC duplus eftangu-

garr3 4 i BAE,g zqualis enim eftduobusinternis
& oppofitis, Eft verd & A EBduplusan-

guli EAC:anguli ergo AEB,AECdu-

- plifuntanguliBA C;at AEB,AECz-

ugl:sﬂ funtduobusre&is: ergo B AC re-

dS‘ ‘' o - R »

[}

Coral-
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r (orollarium..

Exhis manifeftam eft, fiintriangulo
vousangulus duobus ﬁtzquahs cumre-
‘Guam eﬂc.quod etiam,qui efteidcincepsy

‘duobus rettis zqualis fit/f cum anteman- fdefiror,

gulideinceps zquales fucringrc&ifunt, |

Propof32.Theor.28.

‘Sicireulum quedamyreciatetigerit, ¢

atactuducatarvecta circu Ium [fecans,

erunt anguli quosad tangentem facit,

agualesillis, quiin alternts ciyculi
portionsbus confiftunt.

TAngatcxrculumABCD reGtaque- o

damB F,m B;aquoducaturaliaBD
fecanscirculi.Dico
p angulos, quos BD
cum tangente facit,
;qualcs cfle lllls,qm
funt in alternis cir=
culi portionib®;hoe
- B eft, angulum FBD
gqualem effe xlh,qm eftin poruonc DAB:
angulum verd EBDilli, quieftin portio-

ne D CB. 4 Ducaturenim ex B ipAEF aprop.nne

ad apgulos reGosBA, & accnplatur in E
siphe
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* ripheria B D quoduis pun@um C, & du-
cantur AD, D C,CB; & quiacirculum

;angit re@aquegdimEFinB, & italtuB

bprop 19 Judaclttangentiadangulosre@os B A,
propita. B eritin B Acentritcirculi: ¢ angulus ergo
" ADBinfemicirculo exiftens, reQuselts
: A reliquiergo BAD, |

ABD vnireGo -

quales.Sed & ABF
 reGus eft , zqualis
. ergoangulisBA D,
CCETTTR W A B D; communis

: A B Danferat:ergo

reliquus D B F eritzqualis reliquoBAD

inalterna circuli portione exiftéti.Et quia

dpepary ABCD quadrilaterum eftin circulode-
fcriptum, derunt anguli oppofiti duobus

reéltis quales : erunt ergoanguliDBF,

DBE gqualcsangulis BAD,BCD;quot ia

B A D oftenfus eft zqualis DB Fj eriter-

go &rcliquus D BE,teliquo D CBin al-
ternacirculi portione DEB exiftés zqua-

lis\Si ergo circulum re@a qugdam, &c.
~ Quod oportuit demoan-
' firare,

33008

.
B L
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- : Propof'g; Probl.g.
sperdaterells deferibere portionens
ssrenlignacapist angulum equalem
| dao ugq[o nﬂlmw.

VIt data re-

&alinca A
B, daws an-
- gulus re&ili-
B neusC, &o-
- porteat fuper

}\ | ©_ ABportiené
B

‘circuli defcri-
bare, quzan-

A Fulum zZqup-
_ lem angulo-C
B apiat. .Angu-
I ergo C,aue
acut’, autre-
. &us,aut b~

. .~ ‘twluseft. Sie
: primo acut®,
y N\ o Y in prima

defcriptione.

« Coftituatar 2 prep.szd

y ad Apium

re@zABan~ -
gulusBAD, zqualu angulo C,quiacu=

> tus

ST e Rt RS RS T O TR S RS TRE OREE o

- W

=T e e . TR W T
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b prop.ore.
cprop.10.1 &OSIpﬁ
dpropars - -

¢’n’.4.l.

® gueini. ﬁbxt etiam per B. Defcmbatur,& fit ABE,
Fgoxmcn. mngatur(iuc EBX Cumi mquc diametro

resomiffa

iy A Eab extremitate A id angulos retos
£ prop, cor. ﬁtdh&a AD ftangctxpfacxrculum,cum-

0.3,

N lpﬁAB do-

) B,commums

" bafisAG bat

LIBER IIL
tuserit.Exb A ducaturAE ad angn\os re#
AD;atque AB inF ¢ bifecerur,

ExF d daca-
turtFG ad an-
golos reGos

caturq, BG.
Etqua. A F
tquaﬁs- et F

FG;eriitduz
AF,FG,dua-
bus FB,FG |
zquaies, w
ulus(luc A
% ang ulo G |
FB aqualls

¢crit ergo &

B G zqualis.
circulas ergo
centro G,ine |
teruallo AG

defcript® ui- |

que
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- §uegirculum ABE reéta’ quedam ADi-
! git,fitquedtattu Ain circollom du@are~
' &a A B; g eritangulus D A Baqualitan. £77%-434
“ gulo AEBin akernafiGtione AEBexi- . .-
i %tetiti:{‘cd D A B eftzqualisangulo Crigi- '
* tar & angulus C 2qualis erit AEB angu-
¢ lo.Superdata ergore€ta AR portiocircu- B
! Ii defcripra eft capiens angulum A E B. z-
! qualemangulo C. Sitiamangulus Cre- ., ...,

us,fitquerurfus fuper A Bportiocircu= '+ - ¢
¢ licapiens angulum re&to Czqualemde- .« »
b Gribendab. Fiat angulus B A Dangulo C hprep.ss.1,
¥ gqualis,vtin 2.delcriptionc: s AB in F bi- 1prep-ros.
I fecetur:& centro Fyintervallo FA,aut FB
! defcribatur A E Bcirculus, & Tangicigi- kcorprop.
* tur,reCta A D circulum, quod an 15
. B A Dre@usfitfedangulus B A Dequa-
» liselt & angulo C;4 &angulo A EBinal- 14y, 45.5,
: ternafe&ione:eritigitur & AEB, angulo
% C zqualis, Defcripta etgo-cft foper AB
¢ poitiocireuliAE b capicnsangoli AEB
% zqualemangude C. Sic tertio angulusC
- obtufus. m ponatur i 2d A re@z A B 2- mprop.as.e
! qualisBAD , vein tertia defcriptione, ’
" nducgtutd; re@z AD ad an’gulo'i re&0s nprep.srs,
b te@a AE;& ABinFobifecetur, caiex F o prepi0.se
# ad p angulosreCtos ducatur F G, &iuns 40
4 gatrGB, Cumitaq; A Fzqualisfit FB,
o T come i .y

as 16.1,

J ’

2
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communis FG;eruntdug FG,AF, dua-
busFG, BFzquales, &anguls AF G
#ua. angulo BF G 2qualis: 4 critigitur & ba-

- fis AG bafi BGzquabs. Circulusergo
/ \ centro G,interualid®A Fdefcriptus tran-
&~ refibitetiam per B, tranfeat ve AEB. quia
o ergo diametso A E ab extremitate A ad
l.e “gonprop. apgulos reGosduGtae® AD, » tangerilla

<

253 cirenli;&cum d ta@uvAin circulum du@a
sprop.g1.3. (it AB s critangulus B A D zqualisangu.
4 loAHB,quicltinalterna portionecircu.
&7 T, AHB. Sed angulus B A D zqualis e}
o angule C.eritergodangulus AHBn al-
terna portione wqualis angulo C. fuper
! data ergo re@a A B defcripta.eft portia
.7 cireyli AHB capicns angnlumzqualem
:«. snguloC.quod oportuit facere. .

. - Propel34.Probls.
A duto virenlo v'por{iﬁﬁem‘.ldérrq

S guacapint srigulum equslem dato
e ﬂl_ﬂgalgreﬂiﬁr’uﬁ.’i ‘;?’;“:» '
AN E Stodatus circulus A B C;datysangn- {

lusre@ilingus D. Qporitatautemi

, sirculo A B C portionem aufefre,qug ca-
' piatangulum,apgulo D zqualem. Ducs-
§prop.a1.0, Nk E Frangenscirculum in B. '« ConfH-
tua
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X
)
i
i
]

)

4

b

I
4

tuatur§; ad B re@=z E Fangulus F B Ce-

. qualisangulo D.Cum ergo ¢irculi ABC

tangatre®a E F,& dtaltu B du&a fit BC,

BentangulusF B CequalisanguloBAC b

inalterna portione B A C conltituto: fed

angulus ®BC zqualiseft angulo D:eric -

igitur & BA C inalternafe@ione cidem

, angulo D zqualis. i dato ergo circulo

A BCablatacftportioB A C capiens an-
gulum zqualem dato angulo D, quod o+

portebatfacere,’ _ .
- _Propof.35.Theor.sg. .

Siincireuloduareitsfeindicem fecet,

eritf.{eﬁqngulumportion‘ibm unine

comtentum,aquale portionibus
_alterivus contento.
~Eeent in circulo ABC D fe inuicem
daere&z A C,BDinE.Dicore&an-

ulum A E;EC contentum ; zquale efle

D E,E B contentoSiigitur A C,B D pet
| ’ csn-

-~

prop-389
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centeam trapfeant, perfpicoum eftcum

A E,EC:D E,EB¢quales fint;etiam AE,
ECcontentum,equale effe, DE,EB con-
RS tento.Qupd fi per centrum nd tranfeant;
accipiatur centrum F,ab eoque ad rectas

aprop.3s.1. AC,DB a ducantur perpendiculares FG,
FH, iunganturq; FB,FC,FE./Etquiare-
Gaquzdam GF per sentenm du@a,re&i
quandam AG non per centrum du&tam

bprep. 3.3. ad angulos rectos fecat,& & bifariam illam
cecabit: zqualesergofunt AG,GC. Cum
igiturre®a A Cin G zqualiter, in Eina:

¢prop. 5. 2. qualiter fea firse erit quod AE,EC con-
tinetur reftanguli, cum quadrato quod

ex EGzquale quadrato quodex GC, fi
cdmune,quod ex G F,addatur,erit quod
AE,EC continctar,cum iflis,quz ex GE; |

- G F quadratis, zqualeillis, quzex CG,
dprop.#7:5 GF.4Sed illis, quz ex CG,GF 2qualecft,
quodex FCtillisverd, quzexGE, G F,
zqualeeft,quodex FE: esgoquod AE,

E C continetur, cum ¢o guod ex FE,
: zquale
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zqualeeltei,quod ex F C (zqualisautem
e& F CipfiF B)ergoquod AE,E Ccon-

. tinetur, cumillo quod ex E F,zqualceft

¢i, quodex FB. Obeandem caufam erit
quod D E,E B continetur,cum illo quod
ex FEzquale ci quod ex FB. oftenfum
eftantem &id,qued AE,EC continetur,
cum co quod ex £ E, 2quale ¢ffc i, quod
cxFB:ergoquod AE, EC continetur
sum illg quod ex FE , zquale eftilliquod
DE,EB continctur,cumilloquod ex FE
quadrato’; commune, quod ex FE, aufe-
ratur; & cricreliquum A E, E Ccontene
tum, zquale reliquo D E, E B contento.
Siergoincirculo, &¢. quodoportuitde-
monflrare. . o
Propof.36.Theor.30. -
Si extra circulum puncium fumatur,
abeog, in circulum due reclelines ca-
dant,quarum vnacirculumfeces,alte-
vatangar,yeclangnismtiotafecante,d
eaparse , quc inter punitum , & cur-
- uamperipheriam el erit aquale

EXtra'circulum ABC fumaturquod-’
mis pan&um D, ab cog); ad circalum
. K

C_Idant \\ ~

tangentis quadrato. 72N
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) P " A . B *
cadant due re@z DCA, D B; quatvi
D C A circulum fecet, D B rangat. Dico
re@angulum A D, CD conteatum, 2-
uale cffe quadrato,quod firex DB.T1e-
it autem DC A pet centrum ,autnof:
Traofeat primo per centrum quod it
dprop.18.3 DuQaergo EB, 4 er itangulus FB Dl'f
&us.Etquia re&a ACbifecaturin Eae"g
bprep.d.s. appofitaeflindiredtum C D;beritquod
. A D, D Ccontinctur : cum €0, quod €t
‘E Czqualeei, quod ex E Dj eft vero EC
#qualisipfi EB:ergo quod AD,DCco®;
tinetur reQanguli, cum quadratoqu®
ex EByzquale eft ei;quod éx ED,quadt®
Eprop.g74 to.s Eftautem quod ex B D‘zqulle- illt
quz ex EB,B D quadratis, quod 20 golus
EBD re&us fit. ErgoquodAD, DC
) contingtitry cum eo'quodex E 15’»%3‘1“alc
et illis,qua ex E B, B D;commane,q o
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exEBullatur; eritjuequed AD, DC

. continetur s zqualé ¢ quod ex Tangents

et

D B quadrato. . .
iam D CA nontranfeat percen=

trumsatcipiaturque centrum E,dab cod; dpmparay
ad A € gerpendicalarisducatur F E, iun-
Fnturq; EB,EC,E D;¢ critergoangu- eprpid.g

us EBDre@us. Etcumre&a quedam
EF per centrum diGta,re@am quandam -,
AC non per centrum du@am fecet, 7 ad foropa-n
te®osangulosillam, & bifariam fecabity
Yant erFo AF,FCaquales. Etquiaredta
A CbifecaturinF, ¢iqiin direGum addi=
turCD, g eritquod A D, D € contine oo, g,
tur,cum illo quod ex F €, xqualeci quod o
ex F DitCommune, quod ex FE,addatur,
&eritquod AD, D C continetur, cain
illisquz ex FC, FE, zqualeillis, quzex
FD,FEiillisant€,qu¢ ex DFF E,bzqua- bprop.#mig
leeft,qnod exDE (eftenim angulus EFD
reQus): iflis vero,quz ex CF,F E,2quale
«ft, quodex CE. Ergoquod AD,DC

~ contiactur cumillo quodex E C, zquale

efe,quod ex ED,s cftautem E Czqua; idef 538
lisipi E B:Ecgoquod A D,D Ccontine-
tur, cumillo quod exEB, aqualecftei, .
quod exED: eiautem qu]ggl cx kED z- 20470
qualiafluptquaex £ B,BD,cumangulos < - - 7
'E:i':ff . 4 - 15 2 ' EBD

~




i A treer ut
EBD fit re@usiergo quod AD,DC con-
tinetur cumeo quod ex E B, zquale eflil.
lis, quzex EB,B D; Commune, quod ek
~ EBtollatur, &critquod A D,D Cconti-
< neterreftangulum, ‘zqualequadrato ex
tangentis DB.Si ergo extracitculum, 8tc,
- Quodoportuitdemonflrare, - '

Propof.3 7.Th§or.3-t .

Si extra civcslum punitum fumatur,
abeoqueincircslvmduarellacadansy
guarum vsacircslsm fecer; alterain-
© o eidat,fisastemquodsosafecante,Cres
parte; gue inter panitum & curnam
peripheriamest continetur reitangs-

lum,equale guadrato quodfit abin-

cidente, tanget incidens -

" shrewlups. ,
,SVmamt extra circulum A B C pun- |
&um D, abeoduein circulom cadamt |

dug re@¢ D CA,D B;quarum D CAfe-

cet, D Bincidatcirculo. Sitautem quod

AD,D Ccontiactur‘rc&-ngulum,gqua-

: lequadrato quod firex DB.Dico DB cic-

eprepayy. culumtangere. 4 Ducatur enim D E cir-
culum tangens, fumptod; centro F, ion- |

ga-
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. ganwrFE,FB,FD,b &
eritangulus FED ro.
. &us.EtquiaD Eun-
o "fit, DC &cz:lcircu-
© lumjse etitquéd AD, cprp. p05
DCe'outin‘eltur gquale it
ciquodex D E; poni-
tur auté &qued AD,
"DC continetur,gqua-
. leeiquodex D B.ergo
quod exDE zqualcelei, quodex D B;
zqualesfunt crgo D E, D B; 4 funt verd 4 defsssy
& F E, RB zquales: duzigitur D E,EF, '
duabus DB,B F equales {funt; & bafis FD
commuaisieangulusergo DEF aqualis e prop. 817 -
cftangulaD BF:eftautem:D E FreGus
crgo& D BF re#tus eft. EtF B, {i produ-
catur,clt diametrus, f quzastemdiame- feor.props
troadangnlogre@os duciturab extremi- 16.2-
tate,circulum tangit. Idem demonftrabi;
tur pari moda fieentrum (itin A C, Sier-
goextracirculum, &c. quod opor-
" tuitdemonflrate, -

bprapal. 5

<]
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"ELEMENTVM

(™)

" QVARTVM, -
" Definitiones..

1. Figurare&ilines figurz re&ilinezin-
cribidicitur , cum {inguli iafcripta

anguli‘,ﬁngula latgra etus,cuiinfcri-
~bitue, tangunt. *

X 2 Sim’ili’tc‘r'-ﬁgura figure circumfcribi

- dicitur,cam fingula latera circum<
feripre, fingulosangulos eius, cui
circumcribitur, tangunt. '

3. Figun re@tilinea circuloinfcribidici-

" tur;cumfingulianguliinferiptz ti-
guoe pheripériam circuli.raprep.2.
triangulum ABC; fextaquadratnm
A BC D ciremloinferiptuns vides.

4 FigurareQilinea circulo circumferibi
dicitur, cum fingulalatera cigcum-
fcriptz circuli peripheriamtangiit.
Vaprop.g trianguinm 4 B C;oilana

C . i : . ’"-
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. XIBER IN 29
_quadratums A BC.D ¢irewlotirenm-
eriptum cernis. L
§. Circulus'fimilieer figure inferibi di-
citur, cum circuliperipheria fingu-
Ialatera cisicuiinfcribitar, tangie.
Ltaprop.4.cixexlum E F G triangule
4 BC,ai}anacsrewlum EFHK qua-
L Jmtb,;}CDﬂm'ptiy widgs,
& Circulus figurd circumferibi digjtur,
- - qum peripheriacirculi-fingilogan-
, los eius,cuicircymicribitur; tan-
" git Jedprop.z. cirewium AB G trien-
*gWlo ;' fexea cireulum ABCD gua:
dratocircumfiripium vides, "
7+ Re&alineain circulo aptati dicitur,
cum eiiys termiai in circuli periphe-

ria fuerine, v ot




aprop.3at.

bdc(u.l.

o TIRER UR,

- Propofitio i. Preblemar.
Iwdasocirenlo, date rellelinee , gua

" dismetrociroulimaiornonfit,a- |

- qualemyectam lineams

o aptaye, T "

ST AR S Qedatus cir-
N\ culusABcj

, P data re&a,qu¢

circuli diame-

' " tro maior non
,Tt; : I: . \, Jﬁt.’ D- ,’OPOY-
teatautém circulo A B Cre@am,te&eD
xqualerh,dptare. Ducatur diametrus cic-
tuliBC. Siergo B CxqualiseftipiD, fas
Qumeft, quodiubebatur, Circulo epim
A B Captata cft B Czqualis re@z datz.Si
autem B C maioreft quam D. 4 Fiat CE
gqualisipfi D;& centro C,intcruallo CE
defcribatur circulus EAF,ducaturg; CA.
Quis ergo C centrum eft ¢itculi AEF;
berit CA zqualisCE: fed ipli D 2qualis
eft CE:erit crgo & D gqualis ipfi AC.Da-
toergocirculo A BC, DatzreGz D non
maiori circulidiametro,zqualis GA.

aptata cft. Quod oportuit
facere.

P-I’O:




" LR ER I g
= Propofitio ;. Probl. ; "
\ Datocirculo trianguly)n datotriangs-
lo aquiswgulum inferibere:
SI: circulus datus ABC, triangulum da-

[

triangulum, triangulo D EF 2quiangu-~
Jum inferibere. Ducatur G-A'H tangens

. ad A re@z G AH,angulus H A Czqua-
* lisangulo D EF, & G A B zqualis DFE;

tum D E F; oporteatque circulo ABC'

circulum AB C in A; aconflituataique 574,95,

" ducaturqieBC. Quiaergocirculd ABC bprep.ses-

* tangit reGa @AH, & & talu du@a efk

; AC,beritangulus HA Caqualis an‘ﬁuloi cprop.aat.

ABCinalternaportione:fed HAC eftz-
equaliscidem D EF. Eadem ratione erit
angulus A CB angulo DFE zqualis; ¢ re~
liquus ergo ‘B A C zqualis crit reliquo
- EDF. ER ergo triangulum ABC ri-

angulo D E F zquiangulum , & infcri--
v Ks ptum

qualis DEF angulo; eritergo& ABC ¥

L)
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ptumeft circulo A BC. Dato ergo circus

lo, &c. Quodoportuit facere,

Propoficio 3. Probl. 3;
Girca datum circulum dato triangaly
Aquisngulum triepguivm
 deferibereo.
Stodatus circulus ABC,datum tri-
angul)u;: DEF. oporteatyue circa

- - A BCgirculum triangula D EF 2quias-
" gwum, wiangulim defcribere. Produca-

. ruir verinque EFip G & H, fumaturque
centrum Kicirculi A B C, & ducaturreQa

bpeap33.7. K B ve libet; & wconflituatur ad Kre@s
KBangulo D EGxqualis BK A sangu-

lo vero. DFEH 2qpalis BK C,perque pun-

Srrepaz.s. @aA,B,CAdycantur tangentes circulum
» LAMMEBN,NCL. Et q,uiaLM.MNx

.

tro

N Ltangantciccalumin 4,8,C; & dcen-.
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"E'BER IV 1y
tro K ad pun&ta A, B,Cdu@z funt KA, - -7
KB, K C:ere&iigitureruntanguliad A; €prp.18.5
B, C punéta. Etquia quadrilateri AMBK
quatuor anguli zqualessfunt quatuor rev
Gis;*diuiditur epim quadrilaterd AMKB ':’" ":‘f
in duowiangdlaK AM,KB M, quorumf," linta
anguliK AM, KBM reQi fung; reliqui x a,
¢rgo AXB, A MB dyobus re&is zquales
. erunt:d Suneverd & D EG, D.E F duo- dprep.13.%¢
; busreGis@quales:ergo AKB,AMBan-
goliqualesfuue angulisDEG, D EF.
qeorum AKB;DE G zqualescum fint;
ctunt & reliqui AMB, DEF zquales.fa-.  ~ ©
, #inodo demonflrabitur angulum LNM :
atigulo D F E zqualem effe: reliquus er-
goMLN réeliquo E D Faqualis erit. @-
quiangulum ergoef} trianguum LMN -
m‘anfulq DEF, & defcriptum eft circa
3 éircculum- A B C. Ergo circadatum circu~
o ham, &c. O\u,od»opogtuit facere,
¢ 'Propofitio 4.Probl.4.
© _Indata sriangulo cireulnm deferi- |
Y 7 S
Pl; Slt datum trisngulum ABCsinque <
i oporteat circulum defcribere. 4 bife- sprap. 2.2
woentur anguli ABCy BCA rc&is BD,
n e C mf /;\

gk-:—l -
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b)r.,.,.,,, CD,quzin D pun&oconcurrant, b du-~
' canturque ex Dad reGas AB,BC,CA
perpendiculares DE,DF, DG. Etquia

|

L ——

anguli AB D, CBD =quales funt (cft

S A enim A BC bife&us)

. anguli verd B E D,

BF Dre&i,habebuat

duo tria:lagula EBD,

PR 0 DBF duos angulos
* A G- duobus angulis, & v-
. )A‘b‘A num latus vailaterig-
® . F  cqule,aempe comu-
Qropaca, ° acBD,chabebunter-
go & reliqualatera reliquiszqualia s vade
DE, DF zqualeserunt: Eandem ob cau-
fam D G,D F zqaalescrunt.Circylus ex-
Eq centro D, intgruallp, vno pun&orum
E,F,G defcriptusysranfibig etism peralia
pun&agtangetque reas AB, BC,CA
quodanguliad E, F,G reifint. Si enim
ipfasfecaret, caderet, quzab extremitace
diametri,ad angulosre@os ducitur,intra
dpropae.g circulum; dquod cft abfurdum, Non er-
, go circulu$ centro Dy interuallo vna ha-
. rum DE,DF, DG defriptus fecat re-
Gas AB,B C,CA;ergocas tanget ; eftque
circulusin trianguloA B C defcriptus. fn

dato ergo triangulo, 8¢, Quod oportuit’

facere, - Pro- l
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¥ Propofitio s.robls.

w

i «Cires dasum triangwlum circalnm :
» deferiberes. :
% 2 flo datii triangulit ABC,circa g opor
b Etut circuld 'dgfcribctc. bifccét%r XB,
;'k ACin D& E;atque dpun&is D, B du-
} canturad A B,AC adangulos re&os DF,

=3

EF,quz concurrentaut

A in triangulo ABC,aue  *
& inre@a BC,aut extra
. u-iangu}um. ‘Concur- - .
rant primo-intra trians
gulum in F,ducanturq; * p ¢ iy o,

oo F,FC, *F A. Etquia fig.emsffa
A D, DB zquales funt, communis&ad - : 3
angules reGas D F, «crunt & bafes AF, 277 ¢8
F B zquales. Similiter demonftrabimus '
CF,AFaquales eflc: quarc & FB, FC

&quales crunt, Tres ergo FA,FB, FC

», " equa-

-_ .- e - e FE TR RT e Es ER % T T & Y
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mquales funt. Circulus ergo centro Fin.|
teruallo vna ipRrum F A, FB, F C de-
foriptustranfibit & per reliqua punéta, e-
tir?u.c circulus circa A B C triangulom
defcriptus. Concurrant iam DF,E Fin
?‘t&a BCin F,vtinfecunda d‘éﬁfipt?ont,

iungaturque A F. Si-

militer demoftrabimus

punéum Fcentrum f-

fecirculi circa triangu.

lum ABC defcripti.C5-

currant demum DF,EER

- * . extratriangulum ABC

in'F,vtreftiahabet defcriptio, & jungan-

4 wrAF,FB, FC.Camque AD, DBz

" ... quales fint,communis, & ad angulod re- |
7P 4% &osDF, b erunt & bafes AF,BF xqua-

- les. Similiter demonftrabimus & C Fiphi

F A zqualem effe: quare &BF zqualise-

it FC. Rurfus ergo citculus centro Frin-

eruallo yagharum FA, FB. F C, deferie

o ptus

1



TIBER A
,ptus tranfibis etiam per reliqus punéta,
i eftque circa A B C trian@fulumdeferiptus.
. Quod facere oportuit.

" "Corellariam.
. Vnde perfpicuum eft,qaando centrum
sirculiia trisngulom cadit, anguli BAC
in maiore portiore femicirculo exiften-

‘, tem recto minorem effe. quando verd

;‘ <entrumin B C cadit;;in femicirculo exi-
ftentem ; reQum: quando denique cen-
wumextraB Ccadit, in minore portione  ~ -, >

{emicirculo exiftentem, maiorem re&o.

- Vndequandodatusangulus minor eftre-

! &o,intra triangulum cadunt re@x D F,

s "EF; quandoreQus,in BC;q’ﬁa’ndo ma-

* ior re&o, extra BCsquod oportiitdes - - :
¢ monftrares ©
3 . e L

Propofitio 6. Probl.c.
 In dato civenlo qudarasums de-
S fibere. 4

f
¢
)

¥
% :
i Sltlxid:té circalo A B C D quadratum
# - defcribendum. # ducantur diameeri aprpir
# -AC,BD adangulos refos,iungantur-
g ‘ que
3
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queAB.B C’ CD) D A.Cnmerg.BE"

E D fintzquales,quippe ex centro E, ¢5-
' . munis & ad angulos

A ,
byrop.pir. - reGos EA; berit&

bafis AB bafi AD
D zqualis. Eademrs-

B ‘ / tione vtraque ipfari
c A Deft zqualis, Bf
Ergo quadrilaterom ABCD gquilate-

fum. Dico uod&zc}uiangulum. Cum |

re@a BD diametrus it circuli ABC D;
cprop. 13, e exit B A D femicirculus ; re@us eftergo
angulus B A D.. Obeandem caufam qui

Quseft; reGangulum ergo eft quadrils- |
) . Oftenfum eft autea |
d def.s7.0, equilaterum ; d quadratum ergo eft : & |

eft circulo infcriprum. In dato ergocic |

libetangul%':m ABC,BCD,CD Are- |

terumA B

<ulo, &c. Quod oportuit facere.

Propofitioy.Probl.7.

|

Circadatums circulum quadratvm
- " deferibere.
SI: circa datum circulura ABCD qua-
& dratem defcribendum.Ducantur dia-
wietri AC, B Dad angulos reGos, & per
S pun:

|




"LIBER V. a6
pun&a A,B,C,D ducantur tangentes cir-
'culum FG,GH, HK, KF. Cum ergo

G ¥ F G tangat circulum,
' ~ & d centro Ead talli
- ‘Adudta fitE A;aeriit
> P o anguli ad A rei.Eadé .
" de caufa # erunt &an-prepaf. g

Lo q K g“li ‘d B) C’ D !‘c&i,
. ©_ cumqueanguli AEB,
i BBG redi fint,6 eruntGH, AC parallelz. bprop.ad.r,
' Bademdecaifs erint A C, FK parallelx;
 Similiter demonftrabimus,quod GF,HK
t fintipfi BED parallelee: SuntergoGX,
N G C,AK, FB, K Pmue'ogfamma-" Yn- w.’f.n
' de zjualiseﬁGFipﬁHK;&GHipﬁ .
: FK.d&quia AC, B D zqualesfunt. At- ddg 15,1,
» que AC vtrique GHLFK; & B D virique
{ G F,HKcltequalis; ergovtraque GH,
« F K,vtrique GF, HK et zqualis. Eftigi-
tur FGHK quadrilaterum zquilaterii 3
dico quod & reGangulum. Cum enim
GBEAfitparallclogrammum, fitq;an-
g GulusAEDB reQtus, ecrit®& A GBreGus, cprip-34.8
¥ Similiterdemonftrabimus quod anguliad
FLK,Fre@ifint; eft ergo FGHK re&an-
1 gulum quadrilaterum , oftenfum eftauré
1 &azquilaterum, fquadratum ergo cft, & fdefia71
i oftcirca ABCD cireulid defcriptum:erge
g ) L circa
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circa datam, &c. Quod oportuitfacere.
. - - Propofitio 8.Probl.8.
Indsto guadrato circulum deferibere. t

Slt in dato quadrato ABCD circulos
defcribendus. s Bifecentur AB,ADig °

el . F.E;bacperEqui- !
bt A__2eeD dem duc'al:ur alte- |}
A rutriAB, CD pa-
. ¥ — K rallela EH : perF
8| vero altemtll'i AD
B C parallela F F,
. B H C SuntgrgoAK,KB, J
AHHD,AG,GC,BG, GD paralle-

t;ﬁ(.:ﬂ. logramma , ¢ideoque lateraoppofitaz- |

dprop.y 4.1 4quare & oppofitzillis F G, G E zquales

qualia, Exquia A D, A Bzquales funt; ¢-
“runt & femiffes carum A E,AF zquales:

erunt.Similiter demonfirabimus vtramgy |
G H,GK vtrique FG,GE aqualem effe.
Suntigitur quatior GE,GF,GH,GK
gquales. Cicculus igitur centro G, inter-
vallo vhaharum GE,GF,GH,GK d¢- '
feriptus, tranfibit & per reliqua pun@a:
fed & rangit re@as AB,BC,CD, DA, é

quodanguliad E, F, H, K re&ifint. Sie-|

- pim circulusipfas AB,BC,CD, D Afe-I
caret, caderet quaab cxtremitate diame-

i’

i
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erf adangulos re@os ducitar,in citeulum,
¢ quodcftabfurdum; Non ergocirculus
¢entro G, & internallo vna haruh G E, eprpiisig,
G B, GH,GKdefcriptusfecat reQas AB,
B Cy CD,D A:tangit érgo: & eft quas
irato ABCD infriptus. In dato ergo
juadeato,&e. Quod oportuit faceres
1 Propofitios.Probl.g. -
. Cirea daswws quedratem cirenlem
/ deferibere.
(It cirea datum quadratun ABCD
A circulus defcribendus ¢ du&e el
' ‘ AC,BDfein Efecent.
A EtquiaDA,ABzqua~
, les funt,AC commu~ - .
B D nis,eruntdu¢DA,AC,
g duabas BA, A Czqua-
e < les: fed&bafes DC,
B Cazquales funt: pe- :"‘"Z‘ 0
“unt erge &anguli DAC, BACgqua- "5
*ts: angulus ergo D A B re&4 A Chbife-
“atar. Similiter demonfttabimus quema
’bet horum ABC, BCD, CD Areflis
)kg.cD Bbifecari. E; cumangoli DEA'B.
/ uales fint;fintque EAB,EBA _
"‘orum‘lmidij', c‘eruntq & iph zqualcs:" -
- 4 . L 2 q“a-

5
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A quare &latera EA,E Baqualia erant. Si.
| milicer demonftrabimus vtramque reSkas
+\ rumE C,ED,vtrique EA,EB2qualem

Snefle. O\ui?mor ctgoEA,EB, EC,ED
aquales funt. Igitur circuluscentro E, in-

teruallovna harum E A, E Bdeferiprus, |
tranfibic & per reliqua punQa, eft igitur.

circa A B C D quadratum defcriptum,
Ergocirca datum,&c. Quod oportuit fi-
cere. ,
Propolfitio 10.Probl, ro.

Triangulumifofcele coffitnere, babens
" wtrnmque qui ad bafim angulums.

- dAuplum reliqus. ‘
S n Xponatur re@s
dpann quedi AB,eque
. inC fic fecetur, vt
A AB,BCcontentum
/ .zquale fit quadrato
( ex CA defcripto.Igi-

N\  tur centro A, inter--

B™D ualloABdeferibatr

cprop. 5.4 2Qualisipfi A C; & duisD A,D C e de-
' o fqribatm? circatriangulum ACD cir’ _
ACD. Etcum quod A B, BCconti
squalefitei,quodcx AGC quadtao;ﬁtq%

|

Dpraprly. circalua B DE,, Beique aptcturre&a BD
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;AC iphi BDaquilis ; erit & quod A B,
;B C: continetar zqualeci, quod ex BD,
Cum itur extra cucalum A CD acce-
tpun&um B, ab eog; ad cireulum
! AC D cadsntduzroétz B 3 A;B D,qua-
.rum voa circulum fecat,altera eiincidit,
1$ﬁtqu vod AB,BC contmcturzquale
g Si-quod ex BD,dtanget BD circulum dprops7.40
3A C D;cumque BDcirculum ACD tan-
gat, a taCtu aytem Ddu&afie D C,cerit eproppa.5:
angulus BD C anguloD A C in alterna
_ cicculi portione confiftenti zqualis. Cum
; wgo anguli BD C, D A Cfintzquales, fi
¢ comunis € D Aaddatur, erittotus BDA
duobus C D A,D A Cequalis ;ffed duo- frrepsrre
bus CDA, DAC zqualis eltexternus
BCD ergoBD A zqualis eritipfi BCD:
fedl iB %Azquahs e CBD,cum &
y glasera A D, A B fint zqualia : quare & gD905.1.
, DBA, BCD mquales erune tres-ergo
g BDA. DBA,BCD f{untequales: &'
: twmanguliD B C,BC Dequalesfint,e- -
mnt& ateraB D, D Cequalia; fed BD
&1 pli C A ponitur equale : funt cr%)
) AC,CDzqualia: vnde&an LCDA,
# DACzquales erunt:crgoan uh CDA: "
ni “DAC dupli- ﬁmuniuh ACieftverd
1’hScB(ll)aqnalmlm usCDA,DAC;
. L 3 ergo
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.ergo’ BCD duplus eft iplins DAC ¢
cum vierque BD A, D B AanguloBC
fie zqualis, duplus erit veerque relique|
DAB. Trimgulum."crgo-if&ccl&_. &ce ];
Quodoportuisfacere, - o
~ Propofitiorr.Probl.yr, '/
Datocivenlopensagonum agnilasersm
& agniangulum inferibere.
Sltin datq circulo A BC DE pentago-
“Jaum ‘zquila;crum&squiangulum o
A A

feribendum. Exponatur triangulum ifo-

_ feeles duplum habens virumg; angulum
aprep.2.4. ad G, H, clus quicftad F; & einfcribatur |
citculo ABCDE trianguhum ACD 2~
quiangulum triangulo FG H;ita vt an-

ﬁulo F zqualis fit angulus C A D; angu-

s G, H anguli ACD, CD A. Etquiav-

terque ACD, CD A duplus cft anguli

brop.0. CAD, b bifecentur rectis CE, D B.iug-~

g

<
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! ganturque AB,BC,CD,DEEA. Cum
l -aque vterque angulorum A C D,CDA
- duplus fit-anguli CA D, bife&ique finc
. re€tisCE,DB,erunt quing; anguli DAC,
ACE, ECD,CDB, BDAzqualesin- L
‘terfe: ¢ B cum 2qualesanguli zqualibys #2262
' “peripheriisinfiftant , erunt quinque peri-
s ‘pheriz AB,BC,CD, DE, EA zquales: :
‘dfed equales peripherias zquales rectz /24
, fubtendunt; funt ergohz quinquerelz ~
1 AB,BC,CD,DE,E Aaquales;eft cr-
go pentagoaum & B C D E ¢quilaterum.
gico, quod & zquiangulum.. Quia AB,
'E petipherix 2fuales funt, ficommu-
: nis B C D addatur, erunttotz ABCD, L
ED CB 2quales; & infiftix peripheriz
- ABCD angulus AED; peripheriz ve-
toBCDEangulus B A E; ¢ funt ergo eprop.204
AED,BA Eanguli"zqualcsg Eademde
v ¢dufsquilibet angulorum ABC,BCD,
¢ CDEvitiqueAED,BA Ezqualiserit:
# ¢t ergo pentagonum ABCDE zqui- -
) angulum;demonttratum autem eft,quod

n - &zquilaterum. Datoergocirculo,,
g & '%od oportyit

g v facere.
g et

vj‘- M - : .

),

"W - ) ’ L 4 Pro-
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Propoﬁno 2. Probl 12,
C:rat datums circulum pewtagonsm a-
gmlaemm & cqnmtgvhm

defe rtb:ru ‘

Portcat circa c:rculum AB C DI
Pcntagonum zqmlatc;um & =
qngulum dnfcn
re. Cogntcntur an-
gulorumgcnta
- nijnfriptipun
AB.C.D,Eitawvt
, %en heriz, A B,
C.CD, DE, A
uquales fint, ¢ducantnrquc per A,B,G,
D,EreG2 GH,H K,KL.LM.MGun-

aprop. l’j

gentescirculam , & accipiatur centri -

;- - culi F, junganwrque FB, FK, ¥ C,FL,

’ FD. Cumitaque KLre®acirculuminC

tangat, & ab ¥ ad contaGum Cdu@afit

bpropad.g. F Cob erit ipfa ad KL perpendicularis: v+
terquc ergo angulusad Ceft re@us. Ean-

dem ob caufam rei funt anguliad B,D;

€201#7+ & cum angulus FCK reus fit.¢ erit quod

ex FKequale illis, quz ex EC, CK qua-

dratis. Eadem de caufa, erunt quazex

FB, BK zqualia illi , quod ex FK:

ﬁmt ergo qua: ex FC, CK aqualia illis,

qua
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quxzexBF,BK;quorumquodexFCa2-
zex F Breritigitur & re- *quiaF R,
Jliquum quadex CKgqualereliquo,quod © i,’"‘;f b’
ex BK:fuat ergo B K,CK gquiales.Et quia ;m”‘ .
F B, F Czquales {unt,communis FK , € courro ad
suntduz BF,F Kduabus CF,FKzqua- peripheri.
Jes, & bafis BK bafi CK'2qualis; d ergo & @
angulus B FK zqualis erit ingulo K F G: dpropda.
& anﬁqlusB KF,angulo EKC: cftergo
angulus B F C duplus aoguli KEC; &
BKCduplusanguli FKC. Ob eandem
‘caufam erit & C F D duplus ipfius C F L:
&% C L Dduplusipfius C L F. Cam; pe-
zipheriz B C,C D zquales fiot, ¢ erunt & eprep. 17.
_sn‘guli'B F C,CF D aquales, eRque BEC
ipius;KF C duplus, DF C vero duplus
ipfusLFC:equales ergo fant KFC,CFL,
f duo csgo triaogula FKC, FL Cduos forep.26.5
angulos duobus habétia #quales alterum ’
aleeri, 8 latus vapm vnilateri F C verique
commung; habgbunt & reliqualaterare.
liquis zqualia,aqguluinége reliquum re-
liquo. Suatigiturtamre@zK C, CL,
uamanguli F X C, FI. Czqualés, cum=
queX CzqualisfitCL, duplaerit KLi-
pliusKC. Eademdecaufa demonftrabi-
tur HK duplaipfius BK ; & cam demon-
{kratum (e BK 2qualisK C, fitg; KL du-
Sl - L 4 Pla =
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plaipfius K C, 8¢
HX dupla ipfius

o BK; gerit & HK
M ipﬁKl{zqualis. Sk
militer demSfira-
bitur queliber ip-
farumGH, GM,

ANE

+ :MLvtrig; HK,K L gqualis:eft crgo pen-

tagonum G HK L Mzquilarerum, Dico
‘quod & zquiadgulum. Cum cnim anguki
¥ K C, EL Cequalesfint, oftenfusque fit
HKL duplosipfius FK:C:&iplius FLI€
duplusKL M;eric& HKLipfiKLM 2-

2.7 v qualis. Similiter demonftrabitur quilibet

iploram KHG, HGM, G M L vrrique
HKL XL Mazqualis. Quinque ergaan-
Puli. GHXHKL,XLM,LMGMGH

* funtaquales; zquiabgulum ergoeftpen-
‘tagonum, 'Oﬂenfumﬁntem‘eﬁ &zquils-
‘terum , & e defcriptum cirea circulum

A BC D E.quodoportibat facere.
©  "Propof13.Problir3, -
Dato peutagono aquilatera, ¢ agui-
aygulbocirculaminferibere.

OPortcat dato pentsgono zquilatero
& zquiangula ABCDE circulum

wprep.ga, ofcribere, € bifecetur vierq; apgulorum:

CD,
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B CD,CDEre@isCF,DF,&ipunfo
F,ie quo CF, D F,concurrunt,ducantur

1¢GxFB,FA,RE.&quiaBC,CD gqua~ ~* *

lesfuat, communisCF, curntduz BC,
CF duabus D C, CF Zquales, & angulus

‘B CFangulo DCBzqualis: b ergo & ba- bpraps,z,

fisBF, bafi D Faqualis erit, & triangu-
lum BF Ctrisngslo D'CF, reliquig; ans
guli reliquis, quibus equalia lazera fubs
tenduntur,zqualeserunt: Sontigituran-
- : . goliCBF,CDFe-

gulus CDE duplns
nﬁ:angnliCDF;z-
47 qualesamé& €DE,
- ABC;&CDF,
@ XK. ¥ CBF;eait&CBA
duplusipfins C B F:zquales ergo funt A

...quales. Et cam an-

BF,F B C:bifecaturergoangulusABC . - . =

re&aBF. Similiverdesnonficatur quem-
libes angalorum BAE,A EDreétis FA,

FE bifecarl. ¢ Ducantur enim ab F ad cprep.rs rp

AB,BC, C P, DE,EAreQaperpendi-
culares FG,F H,FX,FL,F M. Quiacgo
lnguIiH CF,KCFzqualesfunt; FHC
reQtus,zqualisfc&o F K Cieruntduo tri-
angula FHC, PKC duesangulos duobus
2quiles habentia ynumquelatus miiF C

atus
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' lacus commune , 8&
vai zqualium a;
E ldrﬁz(?dxéﬁlm, ZE.:
/_ bebunt ergo & xeli-
L qualaterareliquis ¢-
- qualia: funtergo per
ek sédi‘cnlucs.F H,FK
uales, parimodo demontftratur queli-
betharum FL, FM, EG veriq; FH,FK
. wequalis. quing; ergoredz F G, FH,FK,
FL,FMzqualesfunt,circulusergocen-
tro F;interuallo vna harum F G,FH,FK,
FL, FM defcriptus, tranfibic & perreli=
qua punéla,tangetd; re@asAB, BC,CD,
DE,EA,coquodanguliad G, H,K,L,
Mre@ifiot. Quod fiillas nen tangat, fed
fecer; cadet quzab entremitate diametri
ad angulosre@os ducityr inera circulum,
eprop.16.1. equod abfurdum cfle oftenfumeft; non
erpo circulus centroF, interuallo FG,
FH,FXFL,FM defcriptus fecatre@ss
AB,BC,CD,DE,EA;ergotanget.
- datoergo pentagono, qeod o-
portuit facete.

AEEENY

Pre- . |

dprep.26.2

L4




vm e T - BT

B — S T

i e - I e

LIFER IX 173
Propof. 14.?robl.r4. .
€Circadatumpent agonwm aguilate-
. t8m & aquiangulum, circu-
| Inmdeferibere.

Porteat cirea
datum penta-
B <
gonum zquilateria
& zquiangulum A
BCDE circulum
p defcribere. # Bife-
‘ eetur vterq; sngue-
lorum BCD,CD Ere&is CF;F D;&ab
F pun&oinquore&z concurrunt ad B,
A,Educiturre@te F B,F A,FE. Similiver
ergo, vtin pracedente, demontirabitur
quemlibetangulorii CBA,BAE, AED,
geQisBF,FA, FE bifecari. Etquiaan-
li BCD, CDE zqualesfunt, eftjue
gnc Ddimidiusipfius B C D,&CD F di-
midi:l:’ipgas CDh El,:runtF FCC l? ,EDC
pquales, & quare& lateraF C,F Dzqua- g 4rep.¢. 1,
zgcrunt.Si:xlﬁliter demdfeabitur, q:am- i
Libetipfarum F B, F A, FE, verilibet FC,
F D zqualem cffe. Quinque ergoF A,
FB,FC,FD,FE zquales funt. circulus
igitur centro F § interuallo vna ha;:u:‘n
t ' ]

aprep 9.1,
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PA,FB,FC,FD,FEdcfripts,tranf-
bit & per reliqua puné&ta; erig; circa pen-
tagonum A B CD E defcriptus.Circa da-
~ %, tumergo,&c.Quod facere oportebat.

A . . .
Propol1§.Probl.ys.
' I datocirculo hexagonum aguila~
serum & aquitnguiumde-.
fersbere, N
T QI in-dato sirrulo
A SAB CDEFhexa~
gonum zquilaterum
& zquiangulum de-’
¢ fcribendum. Dulls
diametro A D,fuma-
tur centrurn G, atqs
centro D, interuallo
' D G defcribatur cir-
- B «lsEGCH: &
du&2 EG,C G producanturad B,F,iun~
antur UCAB,B C,CD’DE’EF,F A‘
gico ABCD E F hexagonum zquilate-
sum & zquiangulumefle. Com enim G
eentrum it circuli AB CDEF, eruns
GE,G D2quales. Etcum D centram fie.
circali EGCH, erunt &DE,DG ¢quales.
barr,  Scd GE oftenfacht qualisipi DG; aerit
¢ crgo

t
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ergo & G Ezqualisipfi E D: triangulum
¢rg E G D zquilaterum eft, 8 tresanguli -
cius EG D, GDE, DE G zquales,_
cum ifofcelium triangulorum anguli ad,
bafim zquales fint.Et quiatres angulitri- bArp-42.¢
anguli duobusre@is ¢quales funt,eritan~,
gulusE G D ertia pars duoram re@orins

. Similiter demonftratur D G Certia pars

o
b
i
.

{

efledvorum rcﬁ&{frum.& cumre&a CG
fuper E B'confiftens ¢ angulos deinceps, cprop.1p. i
EP(§ C, CGB duobus rc%tuik zquales fE:- it
ciatzerit & rel'quus CGB tertia pars duo-
rum reGorum. funtigitur anguli EG D,,
DGC,CGBinnicemzquales; d crunt dprop.ra.r
igitur & qui ad verticem BG A, AGF, C
F G Ezquales , ¢ zqualesautem an%uli cprop.ab.y
gqualibus peripheriis infiftunt : periphe-
rizergo A BBC,CD,DE,EF,F A.(unt'f’",.”"
zquales,f zqualibusautem peripherisz- -~
quales te@w lincz fubtenduntur: fex igi-
tur reGz 2quales funt ; ideoque hexago-
num AB C D E Fzquilaterum eft. Dico
quod & zquiangulum. Cum cnim peri-
pheriz AF, E D zqualesfint: i commu-
nisABC D, addatar, crunt totz FAB
CD,EDCB A zquales: g Sed periphe- g4¢/.2.2.
siaF AB C Dinfiltitangulus FED; peri-
pherie veroEDCBA,angulus AFE,funt

: T crgo

“Ld
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3 ergoanguli AF E, D E F zquales. Simi-
.}?ﬂiter demonftrabitur reliquos hexagoni
< } ABCDEFangulos, vtriq; AFE, FED »-
X qualeseffe.Eftergo hexagonit ABCDEF

b -
\ .
(é N5 ) equisngulum : oftenfum eft aucem & =-

quilaterum, & eftin circulo defcriptum.
N ln datoergocirculo, &¢s Quod oporte-
atfacere.

/'r\

(orollarinm..

Ex his manifeftum cft latushexsgoni
gqualeefled, quee ex centrocirculi. Exfi
- Kpropazg, pecpun@a A, B, C, D, E, F b tangentes
circulum re@s ducantur, circa circulum
hexagenum gquilsterum & zquiangu-
lam defcriptum effe,veinillis que de peas
tagono diGa funt viderelicet, , Preeres
juxtaillaque depentagonodiGafuny
" indato hexagono circnlum
deferibemus.
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" Propof16.Theor.16.
1w dato civenlo quindecagowum aquic
biterimtr e wisigulumde.
i firiberes '

A Porteatia
X dato cir-
\ ¢ulo ABCD
: - quisdecago-
e numgquilates
'8 / ri & xquisnia
R oA D gulum defcri-
v w bere. Defcri-
S : batiirin circti-
lo ABCD trianguli zquilaterilatus AQ
pentagoni 2quilateri A B. Quilidm érgo
totus circulus partium eft quindecim, ca-
lium eft A B C petipheria, tertia circuli .
pars exiftens, quinques A B, quinta pars
circuli exiftens,triumipars ergo B C,dua-
rum; quefi in E#bifecetur, crit qualibet apmp ..y,
periphicriarum BE ; E C decimaquinta ,
parscirculi. Si ergo du@is reQis BE,EC,
;is zquales in tpnt;nuum tirculo t:laas
aptemussetic quindecagonum ¢quilate. borep,
mm,&zquian%ulumdegf:ripm;.%od st
Bacere oportuit, _
- o M - EVCLL
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“Definitiones.
" r Parseft magnitudo magnitudinis, mi-
‘nor maioris yquando miner metitur
maiorem. Ve,2.e5E parsipfiui6,at non
 Splins y:quia zometitur 6; no metitnr 7, |
' Multiplex cft maior minosis, quando
+ * minormetitur maioté. V6.5t mul-
© tiplexipfins 2.4t 7.ipfins 2. mmltsplex wi
L eSE.Qusa z.metithr 6;monstem 7,
- 3 Proportio eft duarum magpitudinum
ciuldem generis mutua quadam fe-
s cundum quantitatem,babitudo.Pro-
portioergoeStinter res ciufdemgeneric
utinscer nameres , lineas, fuperficies,
 corpar4,Cre. ' : ,
127> " 4 Proportioné inter fe habere dicantur
. magoiwndines,quz multiplicatg pof~
funt feinuicem fuperare. Vade liguee |
;L anser angwinms comtingentie & reitili-
|

L
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" menm guemcnmy, proportionem n¥ cffe.

s Incadéproportione dicuntur effe ma-

€

-3
e

~ goitudines, primaad fecundam; &

* zquales funt,vel gqué fuperant,

Qusalices prior sninfinitRmultsplice-
tur sunguitamenfuperabit poficriory,

tertia ad quartam,quando gqué muR
tiplices, prima & tertiz, zqué multi-
plices, fecunds & quarta, fecundum
quamuis multiplicationem , vtraque
ab vtrags, vel zqué deficifit, vel Fqné
10r=

dine fumantur. Vefborum quarnor

numerorum 3.6.4.3.primi €7 tertij ac-

eipiantur equé multiplices 16.¢r 3. fi-

eRds & quarti 13.¢r 9. & collocemnr co

ordine,quo numers , quorssm funt mul-

tiplices, boc nimirum 16.18: §. 9. friamk

primsuminor fit fecnndo erst & tertine

quartominor ; & fimasor ,maior, fi e~

-qwalis , equalis, fi inguam boc femper
contingar dictenr quatnor magnindi-

. mes n eadem effe proportiones.
Magnitudines qug candem proportio-

nem habent, proportionales vocan-
tur V2 4.8 2;5tem 6.67 3.cum babeans
eandem proporeionems, nempe duplant,
dicamny proportionales, - - -

y. Quando.gque multiplicium maltiplex

 primg fuperat maltiplicem {ecunda;

Py M& ‘!

2,
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stmultiplex tertianon &yﬂat.mul¢
tiplicem quarte; prima ad fecundam
dicitur habere maiorem proportio-
nem quam tertia ad quartam.
8 Analogia efl proportioni fimilitudo.
9 Analogia in tribus minimis terminis
confiltit.[z in his numerss 4.6.9. vt ¢-
nim eSt primmws ad fechidum ,ita fecuna
dus adertism,
3¢ Cum fuetint tres magnitudines pros
iofales, primaad tertiam dupli-
catam proportionem haberedicitur |
cius,qua habegad fecundam.Vecum
Juering proportienales hitres numeri
3.4.8.cxit proporsip quam habet 2,448,
duplicas éins.guam babet ad 4.
1t Cum fuerint quatuor magnitadines
propostipnales prima ad quarta erie
plam proportionem hahere dicitur
cius,quam habet ad feciidam. Evde-
inceps femper vna amplius quoad
v{q; proportio extiteric.Vz fifmnt pro-
porsionales biquatuor numeri 2.4.8.
16, ¥ritproportio gnam baber 2. ad 16,
v ariplaginsguambabecads:
2 Homologg,feu fimilis rationis magni.
tudines digungur cfle, antecedentes
. antecedentibuys, conlequentescon-
- fequentibus. N o
o 35 Fez |
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13 Permutata ratio,eft fumptio antecedé-

- tisadantegedenté, & confequétisad
confequentem. Demifirarnr prop.i6.
inquacumeft ut Aad B,iza G ad D oSt
qwoq, permusido, vt AadC;ita R ad D,

14 Conuerfaratio,eft fumptio canlequé-
tis vt antegedentis ad antecedétem,

vtad confequentem.Vide cor.sprap.

15 Compofitio rationis eft fumptioan-
tecedentis vad cum confequente,ve

- vna,adconfequentem.Demifiracer

propas.inguacumeSt vt ABadED;

#9a CFad FD;eit quoq, vt ABadFD;
itaCcDadFD, =~ -

16 Diuifio rationis eft fumptioexceffus,

quoantecedens fuperat cobfequen-

tem,ad canfequentem: Demsoffiratur

propas. in'gxa cumeit, vt ABad B E;

514CDA4DE, eft quoque vt AEad

EB:itaGFadFD. '

1y Conuerfiorationis eft fiumptio ante-

- cedétisad exceflum,quaantecedens

confequentem {uperat. Dem¥frarar

prop.19.inguacumeitvr ABadCD,

$¢8 AEadCF erit qwoque E Bad F D;

- wheftaBadcD.”

18 Exzqualiratio cft cum plures fuerint
magnitudines, & aliz ipfis numero
gquales,que binz, & incadé ratione

' M3 fumua-
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fumantur, fueritq; vefin primis ma-

nitudinibusprimaad vitima,itain
adis primaad vltimi.Vel eft fum
ptiocxtremarii per fubtra@ioné& me

diarii.Demrafirasnr 22.5n guacl off vt
" 4adB;staDad E;(rutBadCiitn Ead
. -Feritex equali,vt AadCjita DadF.
19 Ordinata proportioeft, cum fuericve

antecedensad confequentem,ita an-
tecedensad confequentem;vt autem

.confequens adaliam quampiam, ita

. confequensad aliam quampiam. I

.. | prop.20. € 23.inprimis magnitndinib®

antecedens oSt Aconfiquts Bplia que-

- piam C. infeenndis antesedens eft Dy

sonfeqnens E, alsaquapiam F. .

20 Perturbata proportio eft, quando tri-

- quampiam: itain fc'cundisaliagt-xz-

- busexiftentibys magnitudinibus; &

aliisipfis numero equalibus, fuerit
vtin primis magnitudinibusantece-
densad confequentem;itain fecua-
disantecedens ad canfequentem. Ve
autem in primis confequés adaliam

piam ad antecedentem. Ve in21.¢r23.

| prop. snprimis tribus magnitndinsbus

antecedens ¢St Aconfequens B, alias
quapiam C, In fecundss antécedens ¢ié
Econfequens F, alia qucpians D,

. © Proe.
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s -Propof.r.Theor.r. -

7
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"85 ﬁcmw guetcungue magnitndines
guotmﬂgue magmmdmum,cgualmm
Zsumero fingule (ngularumeque mul-
tiplices, quomplex e unamagns- .
tudo vnins tomplm:ﬁ:m om-
. nesomnium. :
Slnt quotcumque magmmdmes A B,
CD, quOtc umque magaitudinatn E,
F zquahunr ‘numerd,
ﬁngulz ﬂnguhrmm z-
‘ que muldiplices..
: quam mulnplex;ﬁA B
- . ipfius E, tam mulripli-
ces effeAB,CDfimul,
aplztuin B F fimul. Cumremm
ultipiex elh‘\ Bipfius E, tam multiplex
%t CDipfiss FietuncinCB totm
tuditves quales{ipfi F} quotfmlr}é‘?K

‘@quakesiph E, :Dividatur A Bin migni-
tudines A G,Gquaales ipG EyEt£ D
io CH, H Di@quales ipfi F; ericque mol-
stitudoipfaruin AG;, GB zglualus multi-

- sudiniipfiréy CH, H D' cumue AG

iphiE;&CHagualefi fieipfi F F;eruntA G,
CH zqualesipfis €, F.’ Eaé:m (f: caufd
a'unt GB,HDipfsE; F:qua{ei quot

M4 ergo
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ain AP funt magnitydinés equales
zpF E,tot funtia A, C Daqualesipfs
E, F-Qu¥ quam multlplex eﬁ A B ipfius
E,tam tm;ltlpllces funtAB,CDi pfarum
E, F. Siergofuering, &c ngd opomm

- demonflrare,

Propof.2,. Theor.z,
Si ?mn fmmdugue multiplex fue.
vit, atque tertia quaria, [ucritantcm
& quintafecunda aqué mulsiplex, as-
1ufexu querte;erit & mnpoﬁu x
prima é'q:mrtugumult lexfe-
cunde,atquetertia & fex
‘4) uartd - -
Estq prima AB f»
cundeC; equé mub
riplex .nquc tema DE
quartz F: (it verd &
. qumta BG fecundz C
4] zqué multiplex,atq; fex
Fta E H quartzF. Dico
& cqrpofitam - ex pris
ma& quvnu AG fccumL C, zqué muke
tiplicem effe,atque eft tessia & fequHZ
gtartz F, Cum enim quam’ muliplex
¢t A B ipfius C; am myltplex fit DE
o :pﬁuc
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{pfiis F.eruntih DE tot magritudines g

. quulesipfi Fyquot funtin AB zqualesipfi

- R

. B g
-

€. Eademque de caufa quot funt inBG
e:;mc. vot erunt in E H zquales
uot ergo funcintota A G zqua-

ip F:a
* JesipfrCs tot funtincota DH zquulesipfy

F.Quammultiplex eftcrgo A Gigifius C,
timmulvipléx é@ D Hipfius F.Ergo A G
campofita ex prima & quinea fecundg €
mqué multiplex oft, atque tertia & fexta
D H quarez F:S{ergo prima fecuride, &¢
Quod:aportmitdemontirare, -~ -

-Pgopofitio 3. Theot,3.
Si prima {equpde aqué fuerit multi.
plex.atgue tertiaquarte;fimantar aw.

tem eque maltiplices prime ¢ serties
eritex eghoki fimptaram virague -

trisfyue 41:1 dmultiplex, élt';ra qui-

. dem[ecindasalsera autem
L quarte, g

$to pﬁm’& fecundz B zque multi- T

Eplex.atquet,crtivaua_rtzD.& acci-, |
jantur ipfarum A, C gqué multiplices™ ; | Lt %
I

F, GH. Dicozque multiplicem cfle :

E_Figﬁps, Batqueeff G Hipfius D, Cum <+

1

LU AR
S

HY

Mg ,enimIA?Gfp
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enim 2que mylgiplex fit E Fipfius A, at-
que cft G H ipfius C: contincbuntur in
-G H:tot magnitudios

.- -wqualesipfi C,quoris
- EFaqualesipfi A, Di-
~. unidawr EF in magnitu-
- I dines EK,KF, zqdales
T 1‘ j I ipfi A18.GH in G L,
BGg¢ DL‘HIQ\Q_&!CS&[)EC.‘ Eft

, i 2 - ¢ < autces madtitudo ipfa-
rum EK,K F #qualis mulithdiniipfarum

GL, LH. Et ?qiaszquemlsiplex.eﬂ_'}l

iplius B,vt C iplius D; cfique EX ipi A;

& GLipfi Czqualis,erit& EX ,gqueé mul-
tiplexipfiusB,vt G Lipfius ). Eadem de

caufa 2qud inultiplex et R Fiplius B vt
LHipfius D. Cum igitd# prins E K fes
cundz.By}»éim;d iplex linwtterta G L

quartz D it yerd &quinta K F fecynds

. Bzqué multiplex, vt eft {gxta L H quar-
sprop-as. 2 D 4 erie & cGpofita ex prima & quin-
ta EF fecundz B 2qué aldplex, atque
eft tertia cum fexta G H quarez D. Si
. . ergpprimafecundamdic, Qpod - -
Dy _,oportui,t;dqm_g?;-_ e
:"T’mare.-":"ur‘ T

gé% Yoo,
ot "’l -, L',"" 'l‘" Vot !

N A‘-.
< -
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.- " Propofitio 4. Theor: 4.
s: primaad ﬁmndam candem luhle-

it proportionem,quam 1&yiia quur.
 sam; habebuws Grequemditiplices pri- .

-

ey tertiaadaguemuliiphicecfecnn. T

’ 'ddé'qmru,ﬁcmdam qudmns mwl- .
E" nplumonm, eandems proportia- -
. . semfiy futmtcrfer:ﬂmdmt.

ERR I ﬂupuﬁmmt.~

(

\

9

H Abeatprima Aad fecundam Beans
dem propomon.cm,quam teriaC - - s
y.#d quartam D, Etacci- .
pianturiplarum A,C 2~
1 que mulnplxccs E,F; -]
4' - | ‘ipfarum verd B,D quza .
- cunque alizzque mul- .
T tiplices G.H Picovs
h g EadG,ipecfle Fad
. Acciviangur eaim |
S xe ABGM 1pﬁturn E,F zquermal- L
‘ ;xphccs K, Ls xpfarum vurd G, Heque
multiplices M, N. Etquiaitamultiplex
' eftEipfiusA, vt F ipfius C;acceptzque
funtiplarem B,F zque mulriplices K, L+
. sita ct'go muhtglcx ¢tK 1p(PusA , wtlaprops
¢ - iplius

i
)
b
K 4
B
§

.

e 4 e

"i'—-—-'&—-—-'l
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H

P
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v ipfius C.Eadem decau.
faita mukiplex et M ip~,
‘fius B, vt Nipfius D. Et :
quiacft ve AadB;itaC
ad D, accepteque funt '
iplarum A, Ceque mul- |
; 11 tiaplécels.)l(;l[f; ipfarum ve-
v td B, D aliequecunque
“ chpm M,N:ber g 1ulgfupgnt
M, fiperabit & L ipfam N'; &fi gqualis,
¢qualis ; G minor, migor; {untque K, L
ipfarum E,F gquemultiplices; M vero &
: N font iplarum G, H ¢que muluiplices:
¢defis.s. ecftergo,viEadGsita F ad H. Si ergo
primaad fecundam , &t, “Quod oportuit
demonflrare, Lo
L Lemmao.
- - Quoniamdemoriftratam eft,fi K fu-
eree M, fuperare & L ipfum N;; & fifit
chalis‘,cfkgquqlcm;_ﬁ minor;minorem.
. Conflabit etiam, fi M,fuperecK, faperare
& Nipfum L& fit equalis, cflezqua-
lem,fi minor,thinorem, atqueidcitco erit
vtGadE;itaHadF, - -+~

 Corollarium,

| Exhqc manifcflumeft, fi quatuor ma-
S - guitg-

[ e ]
bty . -
[ B .
Pobtngy -

—
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,gn':tudines fuerint proportionales, & c5+
uerf{im proportionaleseffe. Hoceff feff Vb
A #d B;itaCad D;effe quoque B ad 4, 4
Dadc.
. Propofitio §.Theor.§.
35 magnitudo magnitudinis aque mul-
' #iplex fuerit, atque ablasts dblase ;&
' religuayeligu eque multiplex
: erit abgue 10t abotina.
| SI: maghitudo AB magnitudinisCD
§ ~dzque multiplex, atque eft ablata AE .
. . ablatz CF, Dico &reliquam
, AT~ . EB;reliqug FD zque mhilti-
- plicem effe,ve eft tota A B toti~
us C D. Quotuplex enim cft
F AE ipfius CF; totuplex fiat
D EBipliusCG: Etquiazque
_ mltiplex eft A Eiplius CF,at=
queEBiplius CG, aerit A E ¢que musk aprap.ag,
tiplex CF atq A Bipfius GF; poniturau=
tem A E equemuluplexipfins C Fiatque
cft AB ipfius CDizqué ctpo maltiplex
eft AB vtrinfque G F, CD: b gquales er- boalipires
gofuntG F,g D ; Communis CF aufe- evus. 7.
ratur, &eritreliqua GC reliquz DF 2-
qualis, Et cum zque thultiplex Gt A B
s 1plins CFyatq; EBipfius G Cyefique GC
! xqua=

.

SRS A Te v

=
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s A’K CHearundemE,F ¢que
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wqualis D F. equeergo multiplex et A E
ipfiusCF,atque EB ipfius F D, ponitur
autem & A Eipfius CF ¢que multiplex,
vt AB ipfius CD: 2que er%o maltiplex
EBipfiusF D;jatque ABiplius CD;er-
go reliqua EB, reliqu¢ F D 2que multi-
plex cft,atquecft tota A B totius C D. §
crgo magnitudo, &c. Quod oportuit de-

_ monttrare,

Propofitio 6. Theor. 6.

i dua magnitadines duarsm wmagni.

tndinum eyné multiplices fuersnt , &

»_:H;:u quedam [int earundem aqwé

multiplices;eruntreliquecifdem.
aut aquales,ant aque- -
- multiplices,
: S Intduz magnitudines A B,CD dus-
rum magaitudinum E, Fzque muli- |
plices,auferanturg AG, |

quasGB, H DipfisE,F,

aut 2quales efle,aut eque
multiplices. -Sit primo

EF GBipliE 2qualis. Dico
& HE ipa F gqualé eflt.

o Pona-

&~ Moltiplices, Dico reli-
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YonatutipVF-equalis CK. Cum igitur
A G zque mwluplex fic ipGus E, atque

K .. CHipfius F; fic ver6 GB

A " ‘gqualisipfiE, & C Kipfi F,
a¢que multiplex erit AB

B | - iplius E,atque K Hipfius F.
. @l Ponitur autem ¢quemnlti-
b 5T 3 6. plex AB ipfius E, atquecht
-1 ' CDtipfius F : zque ergo
- | 7 . multiplex eft KH iplius F,

| I I atque C D civfdemF. Cum

; g D ¥ ¥ ergovtraque KH,CDiip-

N

~quales. Sed K Cequalisleft F érgo& HD

eidem Fequalis erit, Eftergo’ G B g¢qua-
fisip E,& HDipfi F. Similiter demon-
firabimus fi G BipfiusE fucritmultiplex,
¢que multiplicem efle H D ipfius F. -
Si ergo dug magnitudines, :
- - Quod oporwitde-
-+ monftrare,

L™ T

i Pro-

aprp. L5

fius Feque ficmultiplex,b ¢- beoligiwr .
qualiserit KHipfi C D : Communis C H ex axwma,
auferatur,‘&emntrcliqu{% KC,HDz.%% . .
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Propofitio 7.Theor. 7. -
,d_l:'gualt: adeandem ,eandem babews
proportionemyCr eademad .
' aguales, )

Slnt magnitudines A, Bequales , & i
quzcunque G Dico viramque A, B
-eandem proportionem haberead C, &C
candemad cafdem A, B. Accipic
antur ipfarum A , B 2qne muhi-
1] plices ,E,;&'alia Iéipﬁns C, vt-
cunque multiplex. Cum igitureg«
- DA que?nu}tiplgxpgt D i%ﬁus A, ::lf '
a Colligitor iplius Bj fic verd A 2qualis
= b b 4 lg,d erit & D qualis lg.l;eﬁ- ;
’ 11 q;xe alira F étc;n_quc gul,tio
. ‘ exipfiusC. Sierga D thas
~: Bew ?ore iplaF;erit & E eadem
¥ maior, & {i zqualis, 2qualis G miner,
minor;funtq; D,Eipfara{A,B gque mul-
_ tiplices, & iptius Calia F vtcunque muldi-
bdef.5.s. plex:eftbergovt AadCjitaBadC. Di-
ca& Cad vtramque A, Beandem habere -
proportionem. lifdem enim conftru&i |
oftendemus B xzqualem cffe E ; &aliam
quandam F, Siergo Fmaior eft D j erie &
maior quam E; & fi zqualis, #qualis ; f|
- minor, minor; cftque F ipfius Gymulei-
plex;
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plex 3aliz verd D, E vecunque multipli- ‘
; cesipfarum A, B: ectt crgovt Cad A, ita edefipgs: -
C ad B. Si ergo zquales ad eandcm, &ce

Q__od oportait demonftrare,

Propofitio 8.Theor.8.

: Inaqualivm magnitudinum maior ad ok
5 emdt@maorem babet proporsionem, : i i
, quem minor 3 Et eadem ad mine- R |
1 rem masorem habet,quam N |
t : admaiorem.
} Slnt inzquales magnitudines A B. Cs
fitque A B mator quam G, fit&alia D

- quzcanque, Dico AB ad 3 ‘ﬁ .
D maioréhabere propora .57 Lt
} +@ tionem,qud CadD,&Dad Do oges (/ :
C maiorem, quamad A B. h-'-""’ ‘_"” "T"t
4 II Cum cnim A B maior fi ¢

B C

]

s

quam C; ponatur ipfi C - fan "
qualst Itaque minor e Nc""‘ )

tela

ipfarum AE, EB amultis + "‘"

plicetur, donecmaior fiae | Wl f
quam D.Sit primd A E mi- ;,,,w; >l

1 norquam EB ;& mulcipli- "% Dty

N =Y

cerur A E,donec maiorfiae 1770,
quam D, quzit FG, Ee ** "’

P P ,a

=

a5 W

' quam mu plex ot FG
ipfi-
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£ ipfius A E, tam multiplex fiat G H ipfius

o I - EB,&Kipfius C.Sumatur L ipfius D du-

pla,Mtripla, & itadeinceps vna plus quo-

H8 ¢  ad{umptamultiplexipfius D, fiat primo :
maior qui K,fumptafit N quadruplaipfi-

8 us D,& primo maior quam K. Cum ergo

% primo minor fit quam N, non erit K

s i,,”,,. minor quam. M, cumque zque multi-

.

1 plex fit F Gipfius AE,& G Hipfius EB;
Eérit FG zque multiplex fpfius A E, & ‘

L2 FH ipfius AB. zque autem maltiplex

sams. ctFGipfius AE,& KipﬁusC.t:quci

ergo multiplex eft FH ipfius AB, &K
ipﬁus C: funtergo F H, & K 2que muli-
« » plicesipfaram A B, C, Rurfus cum GH
1pfius EB zque fitmultiplex, vt Kipfius
& colligitnr €; irque E Bipfi Czqualis:derit & GH
o5 ax. /. jofiK zqualis. AtK non eftminor M : er-
onec GH minor erit M:maior autem
¢ltF G quam D;totaergo FH vtrag; D, |
« ~+ - - M maioreft, Sed vtraq; D,M zqualiseft |
- ipiN, cum M ipfius D fie tripla, viraque
autem M, D ipfius D quadrupla: eft vero
. & Nipfius D quadrupla: ergo v‘t'rag; M, !
D zquales func ipfi N:fed F Hipfis M, D |
€def7.s, Maior eft.e Ergo FH fuperat N, & K non
fuperat N.quiacrgo FH, & K funt ncl
multiplices ipfarum AB, C; At Nipfius'
T 7 D
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D ﬂc\thq';multialex et fhabebii A Bad fcamesin
D maiorem propértionem quam Cad D /## grats-
Dico contraD ad Cmaiorem habere,qua | 7™
ad A B.ijfdem enidi conftru&is; fimiliter 45, p, ¢,
demonftrabimus N fuperare K.& non fu- . /sperer;
perare FH. Etenim N multiplex eftipfi. melrples
us Dripfatom vero A B,C vtcunque mul. ""1"1;_”5
tiplices funt FH, K:habetergoDad C7E9 %
maiorem proportionem , quam ad A B. ; y.ri.
Sitiam A E maior quam EB,& minor EB plex tersia
multiplicata fiat maior quim D, quz it Kwew /s
@ H,multiplex quide ipfi. #ret mt
g - usEB,maiorvero quamD. ;?:m?m .
 Erquam multiplex eft GH 2, gaior
A, ipfiusEB, tat multiplex propormo
&' T PG ipfius AE, g K 4beid.
]’ ijﬁlis C; fimiliterd; oftep. 9%4™ _C“
i B & demusFH, &K ipfatim D 47
_ . AB,Cazquemultipliossefl-
' 3 fe. Sumatiirdeinde N muldi- % =,
plex quidem ipfiusD; primo
t autem maior qdam F G ve
¥ rurfiis F, G ‘mirior non fit
WM LD quam M; maior verd G H
quam Djita vt tors FH ipfas D,M, hoc
eft,N fuiperet; K veroipfatn N mon fupe=
ret,quoniani & GF maior quam GH,hos
eft, qui K, ng fuperat N.atq; ita perficie-
4 3 N ‘l‘ P s
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mus demonfirationem vt fupra, Inzqua-
lium ergo, &¢. Quod-oportuit demon-
firare. : _

Propofitiog. Theocr. o.
Duead eandem, eandem habent pro.
porstiomem , aquales funs: Es ad quas

* eadems candem babes,Grillsfunt

: " aguales.

Abeat vtraque A, &B ad Ceandem
_ proportionem. Dico A, Bzquales
apropd.s. effe. Sinon funt #quales,4non
- S habebit vtraque A, Bad Cean-
‘ dem proportionem ; habet au-
o ¢[ tem 3 zquales ergo funt. Habe-
at deinde Cad A, B candem
» proportionem. Dico A,B2-
quales effe. Sinonfuntzqua-
bpropl.s. les ; b nonhabebit Cad A,B
candem proportionem, Habet gutem,z-

quales ergofunt. Quarergo ad candem,

&¢.Quod aportuit deman-
race.

: as(0)so
438N
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Propofitio ro.Theacr. 10. -
Adeandem propertionembabentivm,
guemasorembabet masor eft s ad guam
werd cadem maiorem habet , wsi-
noreff.
Abeat A ad C maiorem

. Aproportionem , quam B,
-Dico A maiorem effe. Sinon.

. [ 1o nor. nonzqualis4vtragslenim
1 - A,B candem habgget propor-
‘{ tionemad C;at non habet;nd

ergo Bzqualiseftipfi A. Non

.A. .. aut A cft zqualis B, aut mi- aprep.9.5

minor. quia fi minor efiet A p pryps. s,

. quam B. § haberet And€ mi-

B . Torem proportibgem , quam
‘B; at mon habet: non etgo- A

.- minoreftquam B. oftenfum eft
'~ autem quod neque fitzqualis.

~,_ maiorcftergo A quam B. Ha-
beat rurfus C ad B matorem proportio-
nem quam ad A; dico B minorem effe,

quam A. Si non;aut eft 2qualis , aut ma- cpreps.g.

ior.Non zqualis, ¢ haberet enim Cad A
& Beandem proportionem ;at non ha-

bet; non ergo A zqualiseftipfi B, Neque dprop 2. s.

maior ¢ft Bquam A; dhaberetenim Cad
C N3 B mi-
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B misorem propottionem guam 3d A; ae
non habet: non ergo Bmaior cft quam
A. Oftenfum eft aurem quod nequea-
ualis.maior ergo eft A,quamB. Ad ean-
jemcrgoproportioné »&¢. Quod apore
tuit demonflrare,

‘ P;bpdﬁtio 8 ,Tﬁcécr...x I
Dus cidens.cadem funt praportiones,
& inter fe cadern fiuns. '

ItytAad B,ficCadD ;& vtCad D,

}Mic EadF. Dicaefle vt Aad B;itaEad

¥. Acgipiantur enim ipfarum A, C, E2-

que multiplices. G, H, K : ipfarym verd

o B, D, Faliz vtcunquez-

. que multiplicesL,M, N, Et

] quiaeft,ye AadR,itaCad D,

accepteque {unt ipfarum A,

‘ ]| € zque muyldiplices G, Hs

G A B L iplarumverd B, D vtcunque

*def's. s ‘zque muliplices L, M:& er-
IIZ o0 fi G excedit L, excedit &
%{ipfamM,&; {i zqualis , z-

. T qualis; fi minor, minor.Rur-

‘ fus cum fit veC ad D;ita E

H < DM adF,& acceptz fint ipfarum
. GE aquemuleiplices H,X;
' ipfa-

¢ -
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t* T1rz ipfarumverdD,Faliz ytcun- bdgis A
i 77 quezqic multiplices M, N.
' . { bergofiexcedit Hipfam M,
[ } '} excedet & Kipfam N ; 8 fiz-
I qualis, zqualis;fi minor, mid
K E F Nnor. Sed fi excedic Hipfad
. My exaedeed Gripfaml ; &
fi zqualis,zqualis ;6 minor,mivor. Qua-
re fi excedit G ipfam L, excedet & K
iplam N; & i zqualis ,' zquslis : (i mi,
nar ,minor. Et funt quidem G, K jpfaq
rum A, E zque multiplices : L ,Nve-
ra ipfarum B, F fune aliz vtcunque 2-
que multiplices. Eft ¢ergo vt A at B; cdefyn
.+ its Ead F, Que ergo cidetn, && 1
: Quod demonfirare 0~ 7 ;
portuit, -~ 5

- .. W mmmo T
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. Propofitio 12.Theocr. 12.
i quotcunque magnitudines proper-

sionales fuerint, evit vt umaanteceds.

iy ad unam confequetitium , it 4 om-
" mes amtecedemses ad omnes
MR confequentes.”

A

D,E;F,vtquidem Aad B ;itaCad D,
u.u ‘& EadF. Dicoveeft A2d B
"~ o itacfle A,C,Ead B,D,F.Ac-

S o cipiantur enrim ipfarum A,
« 4 GEgque multiplices G, H,

K:ipfarum verd B, D, Falia

G A B L vtcunque xque muleiplices

. L,M;N, Et eum firvtAad

B;1taCad D; & E ad F,acceptzque fint

ipfirum quidem A, C, E zque multipli-

iz <G H,K;iplarum verd B,

» D,F.aligvtcung; zque multi-

oiefor. 4, plicesE., M, N;ergofiaG exce-
{ I di;L.e;;:cdetf &H iﬁxssi N;&K

ipfam N; & fizqualis, zqua-

E q‘n Mlil:;ﬁ minor,mizn?)r. Ql:lreﬁ
excedit G ipfam L; excedent & G.H, K{i-
pisL,M, N,k ¢qualis,gquales,fi minor,
mino-

Stn‘t quotcung; inagnitudines A, B, C,
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" minoressfuntque G;&G,H,
.} T-XIZ Kipfarum A,&A,C,E,¢que
multiplices; & quia ftfucrint bprop.stl

, " | quotcumque magnitudines
SN | I quotcung; magnitudinum,
I g E ¥ N *qualium numero fingule
, fingulorum zqué mulupli-

ces, quam multiplex eft vna vaius, tam

multiplices funt omnes omnium, Eadem
[ de caufafuot, L, &L, M, Niplarum B, &
ﬁ B,D,Fzque multiplices. Etergove Aad
k B;iteA,C,Ead B,D,F.Siergo c‘iuodcum-
, queymagnitudines, &c. Quod oportuis
' demenftrare. _
; Propof13.Theor.r3.
Siprimaad(fecundam eandeni propor-
tionem babucrit ,quam tertiaad guar-
tams fevsiaverd adquertammaiorems
babuéryit,quam quintaadfextam; bha-

bebit ¢ primaad fecundam ma-

} iorem,quam guints ad
4 ' : /Extm.
; Rima A habeatadfecidam Beandem
/ proportioné, quam tertia Cad quar-

tam D, Tertia verd C ad quartam D ma-

s ior€habeat, quam quintaEad fextam F.
i ' N ] Dico
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' Dico primam A ad fecun-

dam B maiorem - habere, |
quam quintid .E ad fexum |
IIF. Cumenim Cad Dma- |

X
4 iorem proportionem ha-
4 beat,quam Ead F; fintque
1 1 1 | ipfarem C,Equgdam gque
™ A B N makiplices; ipfarum verd
) ) D, Faliz quzcumque:ac

] us D ; multiplex verd ip-

_fius E non excedat malti-

plicem ipfius F. Sint ergo

I ipfarum C, E zqué mult-

D K plicesG,H:ipfarum D,F

- alizvtcumqueK, L, # fic,

vt G quidem K excedat : H

L I vero L non excedar. & qui
T multiplex eft G ipfias C,

| i I tam mulviplex fit M ipfius
HEFI A;&quammaltiplexeftK

; : maltiplex quidemipfius C
-]  _.excedat multiplicem ipfi-
@ C

ipfius D, tam mukiplex fit °

NipfiusB. Etcum fitve A ad B; ita Cad
Diaccepred; fintipfarum A,Czqué mul-
tiplices M, G: ipfarum verd B, D aliz ve-
cumque equé multiplices N;K,AM fupe-
rat N, & G fuperabitK;& ﬁgqualis,gqua-.
lis;fi minor, ngino; :fuperatauté Gipfam

Kifa-
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X & fuperabitergo& Mipfam N:at Hnd Vel s gl
fuperatL;& funt M,Hipfarum A,E eque of. 558
“multiplices ; N vero & Lipfarum B,E vt-
- cumgquegque multiplicesfunt:chabet er-
- go A ad Bmaioreth propartionem,quam
%i ad F. Siergo prima ad fecundam, &¢,
, Quod oportyitdemoofirare.
e Propof14.Theor.14.¢ L
; 8igrimaadfecundam eandem habue-
i yitpropertionem,quamtertiagdquar-
' $am; prima autems quam tertia maior
" fuerit,erit & fecundaquam quarta,
" masor:Gfiequalts,aqualiss fi
. minor,minor.
- P&ima A ad fecundam B eandem ha-
& beatproportiopem, quam vertiaCad
‘ quartam D. & fit A quam
C maior. Dico& Bquam
' - Dmajoréeffe. Cum enim
} . I A quam C maior it, fitque ;5 2, o
- alia quzcung; magnitudo
A B C Dp; chabebit A ad Bmaioté
( praportionem , quam Cad B, Veautem
s AadB;jliceft Cad Diergo Cad D maiarg bprp.tgl
s habet proportionem,quam Cad B. Ad
i £ quam autem cadem maiorem propot-
P tionem habet;illaminoreft; minor ergo
i£ D quam'B.quare B quam D maior eft,
¢ ) ' Simi-

Ly w

i
:
§
p -
j
5
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Stmiliter demonftrabimus fi A 2qualisfif
C,&Bipfi D zqualéefle:&.fi A minor
- quam C, & B minorem cffe quamD. ¥
ergo primaad feciidam, &c. Quodopor®
tuitdemonftrare, '

Propof 15.Theor. 5.

Partes cum pariter multiplicibus enr.
dem habems proportionem;fivtfi- '
‘ bimusworefpondent ,fu- |
mantur.- |
Iat zquemultiplices A B ipfinsC, &'
D Eipfius F. Dico effe ve CadF;ita.
A A Bad D E.Cum enim
- AB ipfius C itamali-
L SN plex fit,ve I E ipfiusF,
eruntin'AB tot magni-
P K tudines zquales iphC;
) : quot funtin DE zqus-
" lesipfiF. Dividature.!
B C E ¥ nimABinmagaitude
nesAG,GH,HB gqualesipfi C. EtDEin
DK, KL,LE zqualesipfiF, eritg; multr
tudo A G, G H, HB zqualis multitudin
DX XL,LE.Et quiatam AG,GH,HB,
quam DK, KL, L Eequalesfunt, eritv.
AGadDK;itaGHadKL,&BH ad LE
: R et

!

~
\

I
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yeritergo vt voum antecedentiom ad v~ 3 prep.1a,g.
aum confequentium ; ita omnesantece- .
jentesad omnes confequentes. Eftergo
1t A Gad DK;itaABad DE. Eftautem
A G ipfi Caqualis, & DKipfi F: ergovt
CadF;itaA Bad DE. Partesergo, &c.
Quodoportuitdemonttrare. ,

Propof16.Theor.16.
Sigmatsor magmisudines proportions-
lesfuerint, & permutaraprapor-
tionales eruns,

Q Int quatuormagnitndinespropostio- . -
{Snale;l A,B,C,Da.git‘Aad,B;?mC adD.
, Dico& permutatas propor-
g~ tionalesefle:VtAad Cjia B
- ad D¢ Accipiantur enim i®
pfaram A, B zque multipli-
1 ces, E, F;ipfarum C, Dalie
vtcumque G, H.-EtquiaE,
F zque multiplices funtip-

farum A, Bi . bcnt?; pat- Pprop.as.gl

tes codem modo maultspli- '
26 cium cidem proportionem
1 inter fe cOparatg,eritve Aad

AR I

B;i:}Ea_d(ll"".VtverbAadfj
¢ itact CadD: ergove C

j & CDH Djtachaq FRurfscom
Vo - b
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vpropig.s
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G,Hipfarum C,D fint 2que multiplice
beritve Cad D, itaGadH. Veautem
adDjitacltEadF:ergovtEad Fjiue
Gad H.r Cumauté quatuor magnitudi-
nes proportionales fuerint , & primaqui
tertia maior fuerit,erit & feciida qui quar
tamaior ; &,fi zqualis, zqualis; (1 minor.’
minor.Erge (i E fuperat G, & F fuperabit
H. &,(i zqualis, zqualis; fi minor, minor.
Suntautem E, Fipfarum A,B,2que mul
tiplices. G, H veroipfarum C, D vtcun-
quefuntzquemitltiplices. 4 Eftergow
AadCtita Bad D. Siergo quatuorma-
goitadines,&ec. Quod oportuit demons
ftrare

Propofia 7.Theor.17. -
"Si compofita magnitudines proportie-
 alesfuerint, & dinilepropor-
_ tionales erums. :

Intcompofitz magnitudines AB, BE:
CD, DF proportionalés. Vi quidet
AB,ad BE;itaCD;ad D F: Dico dmlf
fasproportionilesefle, vt A Ead E B;i
‘CFad FD:Accipiantur enim ipfarii A}
“EB,CF,F Dzquemultiplices GH,Hi
‘LM, MN. ipfarii verS EB, FD ali vic
St . A q'
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X quezqué multiplices K X,
[ 17 p NP. Etquiazqué muli-
jr : plexeft G HipliusA E, vt
x| HXKipliusE B; 4 erit GH aprop.1. 50

: ipfivs AE gqué multiplex,
1l Bp-1 vtGKipfius AB.¢queau-
| { F} tem multiplex eft GH i-

| pfius AE, vt LM ipfius
G A GL CF:bergogque multiplex p PrOpLSS
e G Kipfius AB,vt LM ipz : -

us CF.Rur-

- fusquiagqué multiplex eft LM ipfius CF,

veMN ipfius F D; ¢ erit L Mipfius CF cprop.t. 5.
azqué multiplex, vt L N ipfius C D. 2zque

autem muliplex erat L M ipfius CF, vt
GXipfius AB: 4 ergo GK zque multi- gyy5 1),
plev eftiplius AB,vt L Nipfius CD.Sunt .
ergoGX, LNipfarum AB, CDzqué
multiplices, Rurfusquia HK ipfiusEB

| zqué multiplex eft,vt M Nipfius F D,Eft

verd& K Xipfius E B 2qué multiplex, vt
N Pipfius FD.¢ erit compofitaH X ipfius €27%-5 4

- EBzqué multiplex,vt M P ipfius DF.Et

quiaeftvt'ABad BE;ita CD ad FD;fam-

- ptzque funtipfarum AB,CD zquemul-

tiplica GK, LN. JpfarumverdEB,F D
sliz vtcunquezqueé multiplices HX,MP.
Siergo G Kfuperat HX,& L N fuperabic
MP, Ecfizqualis, equalis; G minor, mi-
O ol

\
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X nor. Superet GX iplam
I> p HX,ablatacommuniHK,
fuperabit G Hipfum KX.

x Sed i GK (uperact H X, fu-
perabic & L Nipfam MP.

B .Superet ergo L N ipfam

H E ]}, /ME‘: fupcragbit (comllx)mni
“I¥] | MNablsta) &L Mipfam

@ A CL NP. QuarcfiGH fuperat
XX, & L Mf{uperabit N P. Similiter de-

monftrabimus, i G Hequalisit K X, &
L Mzqualemeffe N P;& {i minor,mino- :

sem.EtfuntG H, LMipfarum AE,CF
sque muleiplices.ipfarum verd EB,FD
alizvicumque KX,N P.4Eftergovt AR
ad EB;ita CF,ad F D.Siergo compofi-
tz,8¢, Quod oportuit demonfirare.
Propof.18.Theor.18.
Si divife magnisndines proportionales
fuerint,& compofitapropor-
tionaleserunt.
Intdiuifz magnitudines A E,EB;CF,
F D proportionales. Vt A Ead E B;ius
CFadF D. Dico & compofitas propor-
tionaleseffe,vt ABad BE;itaCDad FD.
Sinoneft vt ABadBE;#aCDad FD;

ﬁt vt ABadB E;ita CD veladminorem

'
\

6

FD;,
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12 FD;velad maiorem.Sit primoad
minorem D G: Cumergofit, ve
€ ABadBE;itaCDad DG,erunt
compofitz magnitudines propor
¥ tionales; 4 funtergo & dinifze,ve
Fr AEadEB,itaCGad GD;poni- sprepit 7.5
G turautem vtAEadEB;itaCFE
B D adFD:beritergovt CGad GD, bprop.1r5.
ita CFad FD, Eft autem prima CG ma-
iortertia CF: ¢ critergo &fecunda G D ¢pppp.10.5
maiorquarta F D; fed & minoreft: quod
fierinon poteft. Non ergo eft vt ABad
BE;itaC Dad minorem ipfa F D.Simili-
ter demonftrabimus,quod neq; ad maio-
rem FDj;ergoad ipfam:Siergo diuifz,&c.-
Quod oportuitdemonftrare.

Propof.19.Theor.19. A

Sifueritvttotaadtotam;itaablaraad ¢
ablatam;Crreliquaadrelignamerit, £ £
vitotaadtotam. '

SIt vttota ABad toti CDjitaablata AE
‘Jad ablatam CF. Dico & reliquam EB
ad reliquam F D effe,vt efttota AB,adto- B
tam CD.Cum enimfitvttota ABad to-
tam CD,ita A Ead CF; serit permutan-
doABadAE, vtCD ad CF, & diui-

: (o) deado

aprop.16.s
Prop.7.5



pryans.

dprop.16.5.

cdef17.5.

L1352V
19 dendoBEadEA,vt DFad
A "~ FC;rurfusque permutandove
< BEadDF;iaEAad FC.Vt
verd AE ad CF; fic ponitur
D

ergo reliqua E B adreliquam
¥ D,vttotaABadtotam CD,
Siergo fuerit,&c.Quod opor-
tuitdemonftrace.

(orollarinm

e
E
B

Ecquiademonfiratum eft, vtet AB |

ad CD,ficefle EBad F D,erit dpermuti-
dovt ABad EB;itaC D ad FD.compofi-
te crgo magnitudines pportionales funt.
Oftenfum eft sutem,vteft ABad A E;ita
elle CDad CF, quod eft per conuerfio-
né rationis. Vnde perfpicuuna eft, i com-
pofit¢ magaitudines proportionales fint;
& per conuerlionem rationis proportio-
nales effe,

FaCtz autem {unt proportiones, & in

tota ABadtotamCD. ¢ efl !

e me—m o = - -

zque multiplicibus, &in analogiis. Nam

atq; tertiaquarta ; erit ve primaad fecun

.dam;itateitiaad quartam. Sednonitaes

fiprima fecundz zque fucrit multiplex, }

cootrarioconuertitur, Si enim fuerit vt

primaad fecundam,itatertiaad quartam,*

nos
'
i
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poaompino erit primafecunde, & tertia
quartgzque multiplex,vtin {c(quialteris,

velfelquitertiis propottionibus, vel aliis

‘huinfmodi. '

Propof.20.Thsor.20.

Sifuerint tres magnitudines,@raliail-

lsmameroequales, quabina drines-

demyatione fumiiur, ex aquali auters

primaquamsertiamaior fueris eritGe

guartaguemfextamaior;esfi a-
qualii,aqualic;fioinor, =
. minor. .

Sln_ttrcs magnitudines A, B, C; &alim

ipfisnumero aquales D, E, F, quee bi-

nz, & ing¢adem ratione fumai-

tur, Vequidein Aad B;itaDad

® EVtverdBadCificEad Fyex

zquali autem A maior {it quam

+ C. Dico&D quam F maioremy

| effe:& (i zqualis,¢qualem: (i mi-

A B Coor minoré. CumcnimA ma-

- 40 iorfit quam C; alia vera quz-

cumq; B. < Halfc,bit AadB maé
- iorem proportionem quam C g0 ¢ 5,
. ]I I adB. Sgd thAadB: ﬁcqcﬂDad pript

D EF E, vtautesn Cad Bitaclts COR- bprop,16,f,
SR © B S ' 4

>

P‘-*N

- -
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uertendo Fad E: Ergo Dad Emaiotem
bprop.1e.5 proportionem habet, quam Fad E: b ad
candem autem proportionem habétium, ,
quzmaiorem habet, illa maior eft; maiot
eftergo D quam F. Similiter demon
bimus. SiA fit 2qualisC; & D zqualem -
effe F; & fiminor, minorem. Siergotres
* fuerint magnitudines,&¢.Quoddemoa-
firare oportuit.
~ Propof21.Theor.r.
Sifuerinttres magnitudines , & alia
ipfis mumeroaquales quabine,Crines
demproportione[umantar , fucerit an-
temearsm perturbasaproportio dy ex
agualiprimamaiorfuerst quamtertis,
€ quartaquam [exta maior erit.

1

G fiequali, equalus, & fi
minor,minor.
7T Inttres maﬁnitudincs AL,
C,&aligipfisnumero gqua-

les D, E, F quz bin2,& in et

I ratione fumantur fitatic per:

BC bata earum proportio wr A

A B CpGcEadF,&vtBad C,ficD/
E;fitq; ex zquali A qui Cmaier. Dico

- Dmatorem efleipfa F;&fi zqualis, qu
' | G
{
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lem: fi minor,minorem. Cum
ZX ergo Amaiorfit quam C, fieg:

alia quzdam B. 4 Habebit Aad aprep.2.5

Bmaiorem proportioné, quam
i CadB.fed vtA ad Bjitacft Ead

F.Et bconuertendo,vt Cad B, bpropes. 1.
itaEad D:cquare Ead F maio- ¢ popd.s-

rem proportionem habet, quam E ad D,
Ad quam autem eadem maior€ propor-
tionem habet,illa minor eft:minor efter- -
goF,quam D:adcoque maior DquamF.
Similiter oftendemuslfi A fit #qualis C, &
D ipfi F zqualem effe;& (i minor, mino-
ré&.Si ergo fuerint tres magnitudines, &¢.

Quod QPortuit demonftrare,
Propof'z2. Theor.z 3.

| Sifucrist quotcum g, magnitndines,&

alinipfisnumereaquales, qua bina, &
ineademproportioncfumantur, &
ex aqualiineadem propor-
tioneerumt,

Int quotcumgq; magnitudines A,B,C;
&aliz ipfis numero zquales D, E, F,
quzbinz&in eadem proportione fuma-
sur,vtquidem AadB;ita D ad E;vt verd
B ad C;fic Ead F.Dico quod ex zqualiin
O3 cadem
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] cadem fint propocti-

z one. Hocef,dicove
1 { l eftAad C;itacfleD
AEBCD

6 K MH

{ 1 ad F. Sumantur eaim
EF ipfarum A ,'D 2qué
LN

A— N

multiplices G , H:
pfarum B, E aliz vt
cumqueX, L. Itemi-
plarum C, F alizvt- |
! cumq; M,N.Et cum
fit,vt AadB;itaBad
E,acceprzquefinti-
plaram A, D zqué !
%z mulkiplices G, H. I-
11 | plfarurxi B, E alizvt-
. 4.5, cumque zqué multiplices K, L, # eritvt
rre G ac? Ki it(:}H ad L. Eadem decaunfaerit,
vtKad Mjital.ad N. Cum ergo tres ma-
goitadines iot G, K, M; & alizipfis gqua-
esnumeroH, L, N, que bine, & 10 ea-
bprep.ae.s dem proportione fumuntur, § exzquali
- fi G {uperat M,& H fuperabit N; i zqua-
lis, zqualis; fiminor,minor. EtfuntGH .
ipfarum A, D zqué multiplices. M » N
¢ A5, Pfarum C,F:eeritergo,vt Aad CjitaD ad

F. Siergo quotcumgque,8¢c. Quod

oportuitdemonftrare,
af s

=

Pro:

i
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Propef.s3.Theor.23. -
8 fuerint tres magnitudines, & alie

ipfis equales mumero , qua bina , &rin.

eadempropertionc fumansur , fuerisg,
carnmperturbasaproportic,drex
eqnaliineadem propertios
‘ neerums,

5 dines A,B,C,X a-

liz ipfis quales nu-
I 1 mero bing in eadem
¢ DEF proportione fumpes
KMN D,E, F;fitautem ea-
[ ] - rum perturbata pro-

1 Int tres msgnitu-

portio. Vt Aad B; fic
EadF. ViveroBad
C;fic DadE, Dico
efle vt AadC; itaD
"ad F. Sumantur ipfa-

i Wl——-ln

T

i
|

%% | 'riad A,B,Dzqué mul-

tiplices G,H,)(Llpfa-
-um G, E, F, alizvtcumque L, M, N. Et

yuia G, H ipfarum A, Bfuntzqué mul- -
iplices , #* partes auten codem modo a prep.issh

nultiplicium..mdem' habent propor-
ipncm,c:it vt AadB;ficGadH.Eadem
' O4 de




LIBER V.

p decaufa erit, wEad
z i F;ficMadN, cumq;
I I

ﬁt vtAadB;itaFad

F;beritquoquevtG

BCD ad HitaMad NRur
fus quigcftve Bad G,

¢ T KT‘ itaD ad E,fumpreg ,

né
1) ,ﬂ,,u.;« ‘i‘

{untiplarum B, D 2-
qué multiplicesH, K: ’
. iplarumverd C, Ea-,
1 lizvecumque L, M; X
_ eeritveHadLsita K
cpopt s 25 ad M, Oftenfum cft
- autem effe, vt Gad,
H;itaMad N.Ci ergores magnitudines;
G, H, L, proportionales fint; & aliz pfis
numerozquales K, M, N, bing in esdem
roportione fumptg, fitg; earum pertur-
dprop.ai.s baaproportiosex d zqualifiG ﬁlpem!
L; &K fuperabit N; & fi zqualis, zquals;
fi mmor,mmor,fumque G,K :pﬁrum
Digquemultiplices. L,N verdip famm
edof.s. 5r oo ERjergo, veAad C; 1taDad F. Sicr
go ﬁn: tres,8c. Quod opor tuit j

demontftrare,

HEBEH
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Propofitio 24. Theor, 24.

© Siprima ad [écundam eandem habue.

7is proportionem,quamtertiaad quar-
#24m; habeat ausem & quintaad fecun-
dam candem, quam fexts ad guartam:
habebit & compofitacx primacy quin-
t4.4d fecundam candem proportio-
mem,quam tertia O fexta
adquartam.

HAbeat prima A Badfecundi C ean-
dem proportienem, quiteria DE
ad c}uart,am F.habeat vero & quintaBG
ad fecundam C eandem proportionem,
quam fexta E H ad quartam F.Dico com-
Poﬁtam X Primz & quinta A Gadfecun-
G dam C eandem habere
T 24 groportioncm »qud ha-
_ et compofita ex tertia
. " ~ &fexsaDHadquartam .
B F,Cum enim fit tBG
1 E adCjitaEHad FyaeritaZewma’
_ cBuertendo ve Cad BG; 277 #-5
ita FadEH. Et quiaeft
i vtABad C:itaDEadF.
Vevero CadBG;itaF
ad EH.JEx zquali crgoprep, 12, 14
- Os5  cfy
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eff; vt ABadBG:itaDEad EH. ¢Et
cum diuif# magnitudines proportiona-
les fint, erunt & compofitz proportiona-
dpren.s: les. Vit crgoAGa(i GB;itaDH ad HE,
#m325 Eft vero,vt GBad C:ita EHad F: dexz-
quali crgooft, vt A Gad C:ita D H adF,
$i ergo prima ad feeundam, &c. Quod
eportuitdemonttrare.

opropal.s.

Propofitio 2 §. Theor.25.

Si qnatuor magnitadines propertions-
 les firint , massima Grminima
duabms reliqun maiq-
yes exunt.

S Int quatuor magnitudines pportions
lCSA B,CD:E)F)V[ qUidé AB’ad CD:
-ita E ad F.Sit maxima A B,minimaF, Di-

o "~ ¢coAB,&F,quamCD,

B =¥ ""E maioresefle. #Pona-

Wprip3Lc - taripfi E #qualis’AG:
[ ipfi F;zqualis C H. Cum

=t e T ergo fitvt ABadCD;
A H itaE ad F. Sit autem ipfi
4T T 17 E zqualls A G; E verd

I CH.eritve ABadCD;

= itaAG ad CH. Ex quia

'~ eft vt tota AB ad totam

CDh,
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LCD -itasblata A G ad ablatam C H; b erit bprop.ts.gh

, & rchqua G B ad reliquam HD, ve tota
, AB ad totam €D: maior eflautemAB

: quam C D. maior ergoetiameft G B, qui

HD.Etcom AG z2qualis ficipfi E;& CH
ipft F s erunt A G & Fzqualesipfis CH, -

& E,& cum, e'quando zqualia inzquali- cax. 4

bus adduptur, tota fiant inzqualia. Ergo
i GB, HD inzqualibus exiftentibus&
maioti G B)addanturipfi G B, ipfz AG;
&F;ipliverd HD;iplzCH, &E, colli-
gentur A B,&F maiores,quam C D; & E.
Siergoquatuor, &c ngd oportuitde-
monftrare.

Saqueﬂm' propofitiones non ﬁmtl uelidss,

| ﬁi 4 Federico Commamt'mo ¢x Pappe Ale-

xandrma colké?x.

Pro paﬁ tio2 a.Thcor 26.

Siprima adfecamdammaiorem habue-
vit proportionem,qtiam tertia A quar-
tam, babebit comuertendo fecunda ad
frmum minorem, quane guar-
~ taad tertiam,

HAbeatA Bad B C maiorem propor-
uonem,quam DEadKF.DicaC kdi

s
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3d B A minorem habere, qui FEodE D-

" Sitvt ABad BC:ita DE adaliam G:er-
.. goDEadGma-

A B___ & iorem habetpro-

portionem , qui
2 —*R¥F DEudEFumi
G

' aprep.d. 5.

S nor ergoerit G,
quam EF. Ponatur ipfi G zqualis EH.
Quiaigiturvt ABad BC;iuacft D Ead ‘

blemme EH: E crit conuertendo, viCBad B A;

o ":" itaHEadE D.¢Sed HE ad ED mino- l
Pr%-%: 5" rem habet proportionem, quam B E ad
E D:Ergo& CBad A Bminoremhabe-
bit,quam F Ead E D, Quod oportuit de-

monflrare,

A Quod fi AB

: @c ad B C mino-

*Z0"  rem habuerit

proportionem,quam D E ad EF ; habe-

bit conuertendo C B ad B A maiorem,

quam FEad ED, fitvt ABad BC; ita

dprop. 2.5 ‘ll) Eadaliam E G, d qua maior eritquam

cLemma [ F, e Conuertendo ergo erit ve CB ad

oy, BA;ita GEadED.fAtGEad ED me-

777 iorem habet proportionem,quam F E ad

ED: ergoCBadB Amaioremha-~

' bebit, quam FE |

ud ED, !
Pro-

i
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Propofitio 27. Theor. 27.
Si primaad fecundam maiorem habue-
FELproportionem,quam tertiaadguar-
24m;habebit permutandoprimaad
tertiam meiorem,quam fecun-
da adquartam.

. Abeat A B ad B C maiorem propor-
tionem,quam D Ead EF.Dico AB

2% ad D E maio-
' 1€ habere, qua
A B S BCadEF. Ve
‘E___L].':__E enim AB ad

BC;itafitalia

e YR T T e

= ==

G EadE F:a quz maior erit,quam DE. aprep. 8.5,
BER crgo permutando,vt A Bad G E;ita bpropues.
B C ad EF. cHabet autem AB,;ad DE cprop. .54
maiorem proportionem , quam ABad
GE,hoceft,quamBCadEF.Ergo AB

ad D E maiorem proportionem habebit,

quam BCad EF. Quod oportuit de-
menftrare.

A p ¢ Eademratione,fi ABad
-‘.___—FE ¢ T B Cminoré habeat pro-

portionem, quam DE
'z ad EF,fequetur permu-
‘tando ABad DE minorem habere,quam

- BCadEF. Sitenim vt ABadB C;itaalia
\ o GEud

L
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8srp.8. 5. G Ead EF,dquaminor erit quam D E.
¢prep.8.5. ¢Sed ABad DE minorem habet propor-
tionem,quam A Bad GE, hoceftl, quamn
B C ad EF. Habebit igitur AB ad DE
minorem proportionem , quam B C ad
EF.

Propofitio 28. Theor.2 8.

Si prima ad [ccundam muiorem pro-
portionem habeat, quitertiaad guar-
sam etiam componendo prima & fe-
-cunds ad [ecundam maiorem propor-
 tiomembabebant, quamtertiacy
qusrtaadquartam.
Abeat A B ad B C maiorem propor-
tionem, quam P Ead EF. Dico&

28 A Cad CBmaiorem
B habete,quam D Fad

FE.fitvt ABad BG;

R B F i uiaGEWEF:

wprop. 2.5, #ctit G E maior quam D E. Quiaigitar
wpropad.seft,vt ABad BC;itaGEad EF;deritco-
ponendo,vt ACad CB; ita GF ad FE.

¢y, 2.5.%Scd GFad FE maiorem proportivaem
habet,quam DF ad FE, Ergo&ACad

CB maiorem habet proportionem,guaql
D FadJ E. Quod opoi itdemontirare.

Quod
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A____ B ¢ QuodiABaiBC
M minerem propor=

tionem habeat, qui
z8 DEadEF, dhabe-

> bit etiam componendo AC ad CBmi-

1y

norem,quam D Fad EF. Quiaenim AB
ad B C minerem proportionem habet,
qui DEad EF; fitvt ABad B C;ita alis

dpropadisi

GEad EF, ¢ erit ea minor quam DE.cprp.d.nn

ergo vt ACad CB,itaerit GF ad FE.
fed GF ad FE minorem habet propot-
tionem,quam DF ad FE. Ergo & AC
ad CB minorem habebit, quam D F

ad FE. .
Propofitio29.Theor, 2 5.
S5 prima & [écanda ad fecundavi mae
dorem habeat proportionem,quam ter-
tia & quarta ad guartam, babebir g
dinidendo prima ad fecundam ma-
joremproportioncm,quamier-
tinad quartam. :

‘ Abeat ACad
A_Gz) B_c C B maiorem

m—

P_._m._p Pproportioné, qud

' DFadFEDico&
ABad BC tlaiorem habere,quam DE ad
E F.Vteaim D Fad FE; itafisalia GC

ad
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oprop.8.2.0dCB; acritque G Cminor,quam AC;

& dividendo erit GBad BC;ve DEad -
bprep.2. . EF. b fed A B ad B Cmaiorem propor-

tionem habet, quam GBad BC. Ergo |

GA B ¢ &ABad BC maio- !
rem babebit, qum |
L'_—,_'u DEadEE. S?vcro !
E3 ACad CBminoren |
habeat proportionem,quam DFad FE; |
habebit & dividendo A B ad BC mino-
remyquam D Ead EF. Sienimfitve DF |
¢propd.s. gdFE;itaaliaG Cad CB, eeritGCqui
dpropaz.s. A C maior, d eritque dividendo GB ad
BC, vt DEad EF.Habet autem ABad
B Cminorem proportionem, quamGB
ad B C; habebitergo & AB ad B C mino-
rem,quam DE adEF.

Propofitio 30. Theor. 30.

Siprima ¢ fecunda #d [ecundam wu. '}

foremproporsionems habeat,quamter-
tia (G quarsaad guartam; per comuer-

Jionem rationts prima & fecunda ol |

- primam minorem babebit,quams l

tertia & guartaad :

. tertiam, '

Habe-

!
1
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o H Abeat A Cad B C maiorem propor-

uonem,quam DFadFE.DicoCA

i ad AB minorem
(. .A:—""'"B'__G habere, quam FD
¢ E:g ad DE. Sit enim
. A B __€ vtACad CB.fic
i Lﬂj 4 ?F adalxamFG, aprop.d.s.
i B0 quz minor eric /P g
il : ~ quam FE.§Qua-
s re per conuérfionem rationis, vt C A ad
J AB; iacritFDad DG.eedF Dad DG epropde s
% tinorem proportionem habet, quaPFD

. adD E.Ergo & CA ad ABminorem ha-
) bebnc,quam FDadDE. QuodfiACad

; C Bminorem proportionem habeat, qui
C DF ad FE; habebit per conuerfionem

rationisC Aad ABmaiorem,quam FD

ad DE;eritenimvt ACadCB,itaDF

ad maiorem quam F E reliqua.manifefta

funt. .
4 Propoﬁuo 31.Theor, 31.
. Siprimaad tertiam maiorem propor-
i gionembapeat s quam fecunda adquar-
» gam ;habebit etiam pmm ad tertiam
W maiorem, quam prima O fecun-

daad rersiam & quar-

. “m L
B P Habe-
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{_Y Abeat A Bad DE maiorem propor-
tionem, quamBCad EF. Dico& '
A &1 } < ABad DEma- |

i iorem habere,
-P_—_—i-—&l quam A Cad
DF. Sit coim
sprop-2. 5, vt ABad DE;itaBCadaliam EG,aqug
bprop.ia.siminor erit quam EF. # Ergotota A Cad
s2rpd.5: totam DGeft vi ABad DE.efed ACad
: D G maiorem proportionem habet qui
ad D F:ergo A Bad D E maiorem habe-
bit,quam A Cad DF; Et manifeftum eft
totam A Cad totam D F minoremhabe-
r¢,quam ABad D E. & i minor {ic pro-

portio partis,totius maior erit.

Propofitio 32.Theor.3 2.

Sitota adtosam maioréhabuerit pro- |
portionem , quam ablata ad ablatam;
habebit & reliqua adreliquans
: maiorem quans tota ad
totam. -
‘ HA;E AT A CadD F maiorem pré!
portioné,quiABad DE.Dico & re-l
»  liqua B Cadreliqui EF maioré habere,§
ACadDF. Sit coim vt ACad D F,iu
- ' - A3

l



sLIJERK 237

. Ky ~ AB ad DG,
L" gz o f ¥ cdergo & reli- aprop.ry. £l
R quaBCatlrph-
F eft,

. E it
n ACAde fedeCad E F hatorkm bprep.8. 55

E‘omonmhabct, quamrad FG:Ergo
ad EF mdiotem habebit, quamAC
ad ‘PF, Siverd ACad DF mimorem
pmpomonem habieat.quarn ABad DE,
8t réliqua BC adreliquam B F minorem
habebit,quamA C4d DF, quod eodem,
Qi fupra, modo oﬁendetur :

Propoﬁtm ;3 Theor 33.

5i jl’nt tres magnitidines , & alia ipfit

wumicro 2quales , babutz, prima prio-

rumsadfccsndammaiorem proportio.

nem, quiprimas poﬂmomm ad fecuns

dam; fecunda verd priorum adterti.

gmmaiorem babeat quam fécunda po-

Feriornm adtertiam: ctism ex aquali
primapriorumadscrtiam maioreps

r babeb:t,quam pmm pofle-

| _ riorum ad ter-

A o tam.

E
Pa ‘Ha-

2
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e s+ ... ..j-X Abcat Aad B miio
7 A rem proportionem,
133 quam Dad E, &Bad Cm-
SR 7 jorem,qui E «dF. Dirox
A B aquali Aad Cmaioréhabe-

_ . requam Dad F.Cum enin'
gprpays | [ ;A ad'B ‘maioré proportio-

¢ _nem habear,quam D ad E,
*34 habebit permutando A
DEF . 3d D maiorem,quam Bal
E.Eteademratione B ad E
maiorem,qui Cad F.ergo A adD maioré
hibet quam Cad F;& permutando A ad
C maiorem habebir,quam D ad F. Quod.
“oportcbat demonftrarée. " :
Quod fi prima priorum ad fecundan
minorem habeat proportionem, quam
prima pofteriorum ad fecypdam : fecun-
davero priorum ad tertiane minorem ha-
beat; quam fecunda pofteriorum ad ter-
tiam , Similiter demonftrabitur ctiam ex
zquali primam priorum ad tertiam mi-
- nérein proportionem habere,quam |
-~ primam poﬁe.rigwln ad {
. fertiany, '
«5(0) 30
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o

SRRV P U U P A
SEXTVM.
 Definstiones.

1. Similes ﬁgum reQilinex ﬁm'vt,q‘uz fin-
gulosangules zquales habent, & la-
teracirca 2quales angulos propor-
tionalig, Cassfmods fins propef 4.sri-

- angula ABC,DCE. -
». Reciprocz figurz funt, quando in v-
traque figura antecedentes & con-
fequentes rationes funt. V¢ propof.

‘14.funt fignr2A D B F,BECG, in -

Bus antecedentes funt D B, G B, confe-

gquentes B B, B F.CXpropof.15.triangs-

{a A'B C, A D E.snquibus mtecedentes
Junt C A, AR ;confequentes AD,AB,
r. Extremaac mediaratione linea re@a

fecaridicitur, quando eft vt totaad
P maio-
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_aigrem portionem;ftamaior por
“tio.ad minorem. Hee fiétio demors-

- fratacfprop.udibz.ingualincad B

. i H extrema ag media rationg fefles
Ueflieffy, vt reils A Badmaiorempot- E
. tionem AH, sta masor ad minoremBU. ;
)qmnj_?mlritxr‘e;ifm Ubé.prep.3e
4+ Aliitudo. cuinfque re®ilinez figurz
-eft perpendicularis, quz4 verticead
bafim ducitur. V;pr‘_opd.'prm:ri-{‘
angujorum AHBuABD,AD Lalts

- twdo eft perpendicularis AC.

5. Propartio ex proportionibus compo- |
nidicitur, quando propoctionum

- . quantitatesinter femultiplicatz ,»-
liquam efficiunt proportionem. V¢

. expraportione dupla &y tripla compr-
nitur fexenpla; nam deneminator do-

Pl 2.dutus sn denomsnatorens tripie
3.facit 5. Sunt antem spfi _dmmiuu-'

. ¥z quantitaes proportionum, !
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;" Propofitio 1. Theor.1.
' Tyiangnlacrparalelogrammacandens
" habentiaaltitudinem,inter e

U fmer b,
¢ _ng: trangula A B C, A CD, parallelo-
n W Jgramma E C, CFhabentia alitudiné
; candem, perpendicularem nempe ex Ain
; . EA_ BDdudi. Di- -
1 coeffe,& trian-
gulum ABC,
ad triangulum
HGBC D K LACD, &]pa-
' rallelogrammii E C,ad paralleJogrammi
- CF,yteltbafisRCadbafim CD. Produ-
 caturenim B D vtringuein H, L, fintque
* bafi B C2qualesB G,G H ; bafivero CD
i quacunque DK, KL, &iungantur AG,
" AH,AK,AL. Cumque BC,BG,GH -
' zquales fint, aerunt &triangula A GH; aprgp 8.1,
AGB, ABCzqualia. Quam multiplex
- ergoelt bafis H Cbafeos B.C, tam multi-
plex eft trisngulum AHC trianguli ABC.
Eadem de caula quam multiplexeft LC
bafis ipfius C D, tam multiplexefttrian.
gulum AL Ctrianguli ACD. Et fi balis
H C, baf{ CL 2qualis fit ; erit & trianga-
lum A H C, triangulo A CLzquale;Ecfi
b P fupes
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fuperet HC, ipfam CL,fuperabit&tri.
angulum AHC, triangulii ACL 5 & fi mi-,

EA F nor,minus.Ci
NS ergo  quatuo

_ fint magoita- -

dines, duzbs- '

"HGBC D KX L{esBC,CDR
duotriangula ABC, ACD;acceptaq; fint

* bafeosquidé B C,& trianguli A B C zque

multiplicia,bafis HC,&trianguli A HC.

* Bafeos verd C D, & trianguli ACD, alia

vtcung;, nempe bafis C L, & triangulum

AL C:deméftratumq; fic f HCexcedat

‘CL,& AHC cxcedere A L C;& fi gqualis,

bdef: 2quale ;& fi minor, minus; b eritvt bafts

#5°  BCad bafim CDjitatrianguli A B C,ad

triangulit AC D. Etcumtrianguli ABC

cprop.qr.s. € duplifit parallelogrimum EC;eriange-
li ver6ACD dupli parallclograma FC.&

dprop.1s.5 dpartes codé modo multipliciii eandem

- * . habeant proportioné, erit vt triangulom

ABCadtriangulG ACD:;ita parallj:gri-

mum EC, ad parallelogrimum FC. Et g |
demontftratiieft,effc ve bafimBC ad bafiw

' CD,iratrianguli ABCad trianguli ACD. |
eprop.ar.s. ViveroABCad ACD;ita EC ad CFe erit
" wtbafis BCad bafim CDjita parallelogri-

mum E Cad paraliclogrammi CF. trian-

gula ergo & parallelogrima,&c, Quod o-

portuit demgfirare. Pro-
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Propof.2.Theor.2.
83 vnilaterum trianguli parallels re-

' Etaduitafuerit,proportionaliter feca~

bit triangulilatera.Es fitriangulilate-
raproportionaliter feifa fucrint,
reitafecliomes coniungens,
reliquo lateriparale: .
laerit,

. A ’ Ateri BCtriangu.
A ' Lli ABCdu@afic

Z parallelaD E.Dicoef-

° fe,vt BDad DAjita
CEadEA. Du8is e-

3 ¢ nimBE, CD a erit
 triangulum BDE z-

qualetriangulo CD E;habent enim ean-
dem bafim DE, & funtin iifdem paralle-
lis DE, BC. Aliudautem triangulumeft
A DE. b Zqualia autem adidem eandem
habent proportionem:critergovtBD E
triangulumad ADE;itaC D E triangu-
Jumadidem A D Etriangulum. ¢ Sed vt
BDEadADE;itaeftBDad D A.cum
enimin eadem fintaltitudine, quam per-
pendicularis ex E in A B du&aoftendit,

- tnter fe erunt vt bafes. Ob eandem can-

Pgs fam,
s

aprop.g7.1

bprep.7:5.

C"‘".I.“.
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- fam,vt eft triangulum
A CDEadA DE?ilta ot
- CEadEA; d vtergo
BDadDA;itacfiCE

ad EA.Sintiam trian-
guliAB Clatera AB,

€ A C proportionaliter
fe&a, fitq;ve B D ad DA,itaCEadEA.
Duaergo D E,dicoillamipfi B Cparal-
{elam effe. iifdem enim conftru@is, cum
eprp.1. 6. fitvtBDad D A,itaCEad E A;je atqui
vtBDadNA; itaeft triangulum BDE

- adtriangulim ADE. EtveCEad EA,'
Fprepases. jtatriangulum C D Eadidem A D Eyfve
ergotrianguliBDE ad triangulid A DE,

fic triangu%um CDE,ad triangnlii ADE.

vitumg; ergo trianguloriBDE,CDEad

prop..5. trian gqlﬁ ADE g eandem habet propor-
f prop.g0.1 tionem,zqualiaergo funt, fumc’luc in ea-
. dembafi D E.b artriangula zqualia ean-
- Alem habentia bafim,in itfdem funt paral-
lelis. erga D E parallelaeftipfiB C, Sier-

go vnilateri,8c.Quod oportuit

" demonftrare. ’

Pre- .
1
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7' 'Propof.3.Theor.3.

Sitrianguli angulys bifecesur , reitag,
angulumfecans , fécet & bafim, habe-

bumt bafis parteseandem proportio

wem,quam reliquatriangnlilasera E¢

Jibafisparteseandemhabeant propor-

Sienem,quamreliquatriangulilaters,

© . quadvertice ad bafimducitur re-

-~ { Balinea,srisnguliangulum
| bifecabit. |
ESto triangulum ABC,& - .
&angulus B A C bifece- - o

- turre@3i A D, Dicoefle, ve
X .BDad DC,it3 BAadAC.

'8 D C Ducatur CE per C, paralicla
DA, cuiB A produain E occurrat. Es
quiain parallelas AD, E Cre&s AC in-
cidit, « erupt anguli A CE,C AD zqua- i
les ftd CAD, B AD ponuntr zquales; 227 49-2
deruntergo & BAD,ACE 2zquales.Rur-
fuscam iql.para'llclas AD.EC incidaltl BE,
¢eritangulus externus B A D,zqualisin- ;
terno A E C; oftenfus eftautemqsc. ACE prep-2ai
ipfiBADzqualis: deritergo& ACE dawr,
zqualisipfi ARC.evnde & latera AE,AC cprpturf
#qualia erunt. Ecquia trianguli B CEla-

({27}

bex.r.

L ¢
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© 5 B ti ECdu®acft parallela AD;

fericviBDad D C;itaBA

fprop. 2.6, sd AE;eftautem AE ipfiAC |

zqualis: g cfteigo ve BDad |

grrors. 80 € DCitaBAadAC, Sedeflo
iam vt BDad DC;itaBA 0d AC,iun&a§;
fit AD.Dico angulum B A C bifecarire-
.Q1 A Diiifdemenim conftruis, cum fis
hprop.a6. viBDad DC;itaBAed'AC: b&ve BD

t
\

ad D C;ita BA ad AE(eftenimlateri EC

trianguli B C E du&a paraliela AD) eric
iprop. 3.5, vtB AadACitaBA ad AE ;s zqualiser-

K prop.c.e 'goeft ACipfi AE. k Quare &angulus

Lrep. 5.1 A ECangulo ACE #qualis éit. 2 fed
P 298 A ECexternoBA Deftzquolis; m&A
CEalternoCAD; eritergo& B AD
- zqualis ipfi CA D:ergoB A Creétd AD
bifecatur, Siergo trianguliangulus; &c

‘Quod oportuit demonftrare,

Ce L Propof.4. Theor. 4. |
_, Aequiangulorum triangalorsm lates
" racivca aguales angulos proportiona-
- 'liaﬁmt;l:‘t(ttm aqualibws angulis
. fubtenfa,homologa,fine cinf-

demrationd,

Siat
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SInttri'angulaABC.DCquuia'ngu.'-v‘- .

LN

la, xquales Habentia angulos A BC; -
o DCE, &ACB,D
EC,4BAC,CDE:
- Dico latera circa - -
. quales angiilos effe - - -
e ot proportionalia;& la.

B terazqualibusangu+
lisfubtenfa, homologas. Componantur - “
enim BC,CE indireétum.Et cum anguli
ABG;A CBducbusre&isminores fint;
ficautemangulus D E C angulo AC B
zqualis,erunt& A B C,DECduobusre-
&is minores 4 concurrent crgo B A,ED adefrra,

roduciz. Concurrant in F; cumuean-
guli D CE,A BCequalesfint,b eruntre- bprop.ad.e
&zBF, CD parallel¢.Rurfus cumangu- -
k ACB, DECeqgalesfint, ¢ erunt & ¢ prop.ad.s.
A C; FEparallelz, ideaque F ACD pa-
rallelogrammum eft; deritque F A Zqua- d prop.ger
lisipfi €D; & A Cipli F D; &cumad
latus F E trianguli FBE du&afit paral-
lela AC,ceritvt BAad AF;itaBCad CE; eprop.s. 6,
eftautem A Faqualisipli CD ; vt f crgo {7775
BA ad € Dsita BCad CE;& g permutan- p—
do,vt ABad B C;itaDCad CE. Rurfus & )
‘cum CD; BF parallelzfint. b erit ve BC hprop.s. . -

4dCE;itaFDadDE. EftautemDF
i

&qua-
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iprep.7.9. ®qualis A C.Vtls ergoBCad CEiita AC
ksropa6.s ad ED:k ergo permutando,vt BCad CA}
.itaC Ead ED.Cum ergo demonftratum
fityeffleve ABad BC;itaD Cad CE. Vt
verdBCadCA; itaCEadED; eritex
tpropoasas. § ®qualive BAad A CslitaCDad D E.e-
: guiangulorum ergo,8¢c. Quod oportuit
emonftrare. SR '

Propof.s. Theor. s,
Siduotrianguls latera proportionalia
babucrint , aquiangsla erunt , habea

buntque angulos, guibus homo-
logalaterafubtenduntur,

. “aquales. ) ‘
A D T YAbeanted
.y ol . Hanguia AB
. F C,DEF laters
! ; -4 proportionalia,
: A nempe, vt AB

2dBGC;itaDEadEF. EtviBCadCAsg
ita EFad FD:atq; vt B A 2d A CiaED
ad DF.Dicotriangula A BC,DEF ¢qui- |
angulaefle, zqualesque habercangulos
quibus homologa latera fubtenduatur.
~ vndezqualeseruncanguliABC,D E K
s prp.331: & BCA,E F D;& BAGE D F, 4 Confti-
- tuantuc

{
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. tuantur.n.ad pun&a E,F re@z EFanguli
? FEG,EFG zqualesangulis ABC,BC A
- ertit ergo&reliqui BAC,EGF gquales:tri
E angula ergo ABC,E G Funt&quiangu- b
"~ 1a8 habentigitur latera circa zquales an~. propes
" gulos proportionalia; eruntquelateraz-
b qualibusangulis fubiéfa, homologa, Er-
govtABadBC;itaEGad EF: Sedwe
ABadBC;itaponitur DEad EF: ¢ vt cprop.ars,
igitur DEad EF;itaG Ead EF. Virag}
ergo DE,G Ead EF candem habet pro-

ortioné;d ¢qualesigitur funt DE,G E. dprep 9.7
' Eademdecaufa DF, GF zquales erunt .
¢ Cumigitur D E, E G zqualesfint, com-
munis EF: eruntdue D E,EF, dusbus
GE,EFaquales;8 bafis D F bafli G Fz-
qualis; ¢ erit ergo angulus D E Fangulo
GEF zqualis; & triangulum D EF uri-
angulo GEF zquale;& reliquianguli,re- <
liquis, quibuszqualialaterafubtendun-~
tur:anguli ergo DFE, G FE funtzqua-
les; item ED F} EGF: & cumangulus
FEDzqualisfitanguloGEF;&GEF -
ipiABC,ferit & ABCipfi FE Daqua- fer.s.
lis. EademdecaufaeritanguloACBa- -
qualisangulus DFE; & angulusad A an-
guload Ditriangulaergo ABC,DEF¢-

uiangulafuot.Siergo duotriangula,&e.

&oﬁportuitdemntkarc_.  Pro-

s

cprop.dis

A S~

- TR T S W

TR S
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Propof.6.Theor.6.
- Sidwo triangula vnum angulum uni
aqualem,Cr circa equalesangulos lase-
- raproportionalia habuerint , aquian.
gulaerunt , babebuntque angulos,
guoshomologalaterafubsen-
dunt, aquales.

SInt duotriangula A BC,DEF,angu- ’
losB A C, E D F habentiazquales, &
. . circaipfoslatera proportionalia,nt BA ad
. AGi;itaEDad DF. Dico triangula ABC,
D E Feffezquiangula,adeoqueangulum
ABCangulo DEF;& ACDipfi DFE,
zqualein habere.s Conflituatur enimad
puacta D, Fre&z D F alterutriangulo-

A D rum BAC,

‘aprep.33.1 EDF zqua-
R 6 lisFDGjao-
' = gulovero A

. F . CB zqulis

B ¢ ~ DFG:er

igitur & e (
bprep.da. liquus ad B, reliquoad G zqualis btri-
angulacrgo ABC, DGF funtzquiaa-
gula. Eftergovi BAadACitaG D
DFE:poniturautemvi BAad AC,ita ED

ad D FicrgovtEDad D Fiitaclt G Dad

‘ - DK

i
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DF; ezqualisergo cR EDipfi GD,com~ ¢ gy . .
| ounis BF. Dui ergo Elg, DEF, dua--q 285
bus GD, DF funtzquales,| & angulus
EDFanguloG D Fzqualis; d eritergo, d prep.2.c.
& bafis EF ba(i G F 2qualis, & triangu-
lum D E Ftriangulos G D F: quarereli-
quianguli reliquis gquales erunt,alteral-
teri,quibus zqualia latera fubtenduntur.
' Anguluscrgo D F G zqualis eft angulo
| DFE;&quiad Gilli,quiad E.Sed DFG
, #qualiseft A CBangulo;eergo& ACB cans,
| ip(}i D FE gqualiseric; poniturantem8 -
. BAC iﬁﬁ E D Fequalisiceliquusergo ad
*D B gqualis erit reliquoad E.triangula er-
, EoA BC,D E Fzquiangulafunt. Siergo
, duo triangula, &c. Quodoportuitde-

: monttrare.
. Propof.7.Theor.7.

i 55 duo triangala vnum angulumoni
* angulo aqualem; & circaalsos angulos
* latera proportionalia habucring;reli-
| GuoTSMUETO VirUngUe,ant minorems,
| st nonminorem reio , aguiangslac-
sruntirianguls; & angulos circa quios
i laterafunt proportionalis,equa-
) e babebwns.

g Q_  Ssint

S wmn =T
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Int duo triangnla

. 4 x AB C,DEF?::—
bentia angulos BAIC |,
GE EDFequales;circaali- |
_ osveroangulos ABG, |
B < D E F latera propor-
tionalia.VtABad BC;itaD Ead EF.re-
liquorum verd angulorum quiad C,& F,

primum vtrumque mineremre&o. Di.
<o AB C,D E Friangula,efle ¢quiangu- '
. lasangulumque ABCanguloDEF; &
quicftad C, illiqui eft. ad F , zqualem.
Quod fi anguli ABC, DEF inzquales
fint;erit vous maior. Sitmaior ABC; &
aprop.23.1. 4 conflituatprad pun&um B re&z AB
~ angulus A BG,zqualisangulo D EF. Et
cum anguli A, D gquales fint;item ABG,
bprop.s2.r. DEF; 0 erunt&reliquiAGB,DFEz-
quales.triangula ergo ABG, DEF zqui-
cprop.#-¢. angulafunteft ergove AB,ad BG;ita DE
. ad EF:fcdveD Ead E F;itaponitur AB
adBC:ergovt ABad BC; itaeftABad
dprop.9.5.BG. dCumergoABad vtramqueBC, |
B Geandem habeat proportionem , ¢ l

grop.s-r. runt BC, BGaquales. ¢ ergo &anguli

BGC, BCGezqualeserunt: AtBCG

minor re&o ponitur, eritergo & BGC
' Gproprza, SeCtominor: f quarcangulus A(:zl Bei

- o cin-

1
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deinceps maior eritreGo:oftenfus eft au-
“terh zqualisangulo F:eri igitur & angu-
lus F maior re&o ;) at minor ponitur,
quod ¢ft abfurdum : anguliergo ABC,
D EF non funtinzquales: zquales e1g0. garap.gaun
£ funt verd &anguli A, D zquales: ergo
& quiad C& Fzqualeserunt. Quaretri-
angulaAB C, D EF gquiangulaerunt.
Sitrurlus v‘terl%uc angulus ad C& Fnon
‘minor re€to, Dico& fictriangula ABC,

. DEF zquiangula effe. iifdem enim con-~

fru&is, oftendemusreGas BC, BGeffe
zquales,vt prius: b eruntigicar &anguli b2 511
C,BGCzquales.Cumn ergo CreGonon
fit minor , niec BG C recto minor erit.

Sunt ergo trianguli B G C duo anguli '

erlipropuzin

non poteft,non ergoanguli ABC, DEF .
inaqualesfune: zquales érgo. Suntvero
& anguliad A& D zqualcs; erunt k igi- kprop.za.ni
tur & reliqui ad C& F zquales. Quiare
;tri'ar'_)gula ABC,DEFfuntzquiangula,
_Siergoduotriangula;&c.Quod opqes

o tuitdemonftrare. = - :

K

e Q2 Pro~



254 LIBER VL
Propof.8.Theor.8.

In rellangnlo triangulo fi ab angulo

recto ad bafim perpendicularis ducs.

tur, quaadperpendicularem funt
' triadgula,é‘ toti, ¢ inter ﬁ
| Sfimilia fans.

ESto trx'zngn-

A
lumreangu. -
' lam ABCreGum

£ D C habensBAC,da-
catur§; ab A ad B Cperpendicularis AD.
Dicotriangula AB D, A D C. &toti
A B G, &inter feefle fimilia. Cum enim

angulus B A C zqualisfitangulo A DB; !
reCtus enim eft veerque : & angulus adB ¢

communis vtrig; triangulo A B C,ABD;

& coRigitwr a erit8 reliquus ACBreliquoBA D=

qualis: zquiangula ergo funt trianguk

bprep.#.6: ABC, ABD. b Eftergo vt BC reGum i

trianguli A B C f{ubtendens , ad B A re-
&um trianguli A B D fubtendentem ;it
ipfaA Baogulum Ctrianguli A BC fub-
tendens, ad B D fubtendentem angulum
BADtrianguliABD.EtitaACad AD
fubtendentem angulum B'communem

vtriufq; trianguli. Triangulaergo A BC,
. . ABD

/
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. ABD zquiangula funt, habentque late-
s facircazquales angulos proportionalia;
i€ fimiliaergo funt triangula ABC, ABD,
- Eodem modo oftendemus triangulum
% ADCtriangulo ABC fimile effe,Virum-
i queergotriangulum ABD,AD Ctoti
AL Climileeft. Dicoquod&interfefi-
, miliafint AB D, A D Crriangitla, Cum
* enimanguliBDA, A D Cre&ifint,e¢-
? runt& zqualesioftenfus efauté & BAD
? ipfi Czqualis:d ergo & reliquus ad B, re-
"F liquoD A Czqualiserit, Triangulaergo
’ A BD,A D Czquiangulafunt. ¢ Eftcr-
. go, vtBD fubtendens angulum BA D
s trianguli AB D, ad D A fubtendentem
! angulum C trianguli ADC zqualem an-
3 guloBAD;inaipAD fubtendens tri-
(‘ anguli ABD,angulum B,ad D Cfubten-
» dentem angulum D A CtrianguliAD C
# gqualem angulo B;&ita B Aad A Cfub-
* tendeatem re&om A D C. Triangula er-
!goABD,AD Cfimiliafunt. Siergoin
 triangulo rectangulo,&c. Quod oportuit
5t demonttrage.

i , Corollarium.

®  Exhis manifeflumeft, fin triangulo
Mre@anguloabangulo re@oad bafim per-

y QU3  pea-

cdefor, 6.

d collsgitwy
exgal,

cprop-#. 6.
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pendicularis ducatur , ipfam inter bafis
partes mediam proportionalem effe. Et l‘
.. 1nter bafim, & partem bafis,mcdium pro- ,
portionaleeflc latus, quod ad parrem. ¢
gnter BC, A B mediapraportionalis estpars
BD.Inter BC,AC,parsDC. l

Propof.a. Probl.t,
Adatarecialineaimperatam par-
B temauferre.
A Porteat datareGa AR

imperatum partem au-

ferce, Sit auferenda parster-

> tia. Ducaturab Are&a AC

9 cum A B quemcumque a0-

H € gulum continens; & accipia-

tor in A C quodcumque pun&am D,

sprop3.t. @ponancurd;ipfi A Dzquales DE,EG

bpropzrs. ducatur CB, & eiqueper D paralleladu-

catur DF. Cum ergo?ateri B Crriangali [

cprop.a.6. A BCparallelafitdu&a D FicerieveCD |

' adDA;itaBFad FA, Eftautea DCi-
pfiusD A dupla; dupla ergoeft &BFi-
plius FA.triplacrgocft B Aipfius AF. A
- data ergo re&a ABimperata pars,nimi-

rumtertia A F ablataeft. Quod -
oportuit facere, .

- Pro-
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Propof;ro.Probl.z.

Datam reitam lineam infefam,
datareciefecle fimiliter
/ ecare,

Porteat datam infe.

10 &am AB fimiliterfe~ -
care,vtfe@acft AC.SitAC
in pun&is D, E fe&a. Col-
locentur AB,A Cvtangu-
‘ lum quemcumque conti-

B K € jeant, & ducatur CB; at-
queper D, E agantur ipli B Cparallele
DF,EG; &perDipfi ABducaturpa- .
ralledla D HK;& eritverumque FH, HB
parallelogrammum. 4 Sunt ergo tam aprepy4.te
DH,FG;quam HK.GBzquales.& cum ™~
ipfi K Ctrianguli DK C ductafit paralle-
1aHE; b eritvi CEad ED; itaKHad bpres.s. s
H D. ¢Eftautem tam KHipfi B G;quam €734+t
HD ipfi G Fzqualis; eft ergove CEad
ED;itaBGadGF. Rurfusdcumlateri g55p,1, 6,
E G trianguli AG E du@&a fit parallela
FD, eritvt EDadDA; itaGFadF A:
oftenfum eftautem efle,vt C Ead ED,ita

BGad GF.cftergovt CEad ED;sitaBG
adGF, vtvero EDad DA;itaGFad

U FAs

G



258 LIBER VL
FA: dataergore@ainfe@a A B fimiliter -
fe@acft, vifc&a A C. Quod oportuit fa- '
cerc, H
Propof.11.Probl.3, ‘

Duabwsrectis dati tertiam proportio- |
maleminuenire .

.A. lntdatzBA,AC,&
ponitur viangulum
quemcumg; cotineant.
oportet ergo dpflis B A,
A C tertiam propottio-
’ naleminuenire.Produ -
. _ cantur AB,ACad D,E
aprep.3. 5. D pun&a;& 4 ponaturipl
bprap31:1. A Cequalis B D;&ipfi B Cé ducatur pa-
e taliclaD E per D. CumitaquelateriDE
trianguli A D E du@s it parallela BC;
cprp.a.6. € eritvt ABad D Bjita A Cad CE; 2zqua-
» lis eﬂantem{ Dipfi AC;eftergove AB
ad AC; itaA Cad CE. Datisergo dua-
bus A B, ACiguenta efttertia propottio-

nalis C E-Quod oportuit facere.

Propof.12.Probl.4.
Tribus dasisrectis liness quartam pro-
portionsleminnenire.
oo Opor-
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o Ol’ortéat wibus datis re&is A, B, C,
. quartam propostionalem inuenire;
Exponantur duz reGz
B, 1Z '  DE,DFcontinentesan-
‘ c wlum quemcunq; EDF:
" g a por?atur ipﬁ'x zqua 7P 1
‘ lisreGa D G ; ipfi B,re-
@a GE: & ipfi CreQa
D H;barqueipli GHa- berop.sr.se ,
TZ gatur parallela EF per E.
GI—-\H Cum ergo lateri EF ti-
anguli D E Fdu@&a fit pa-
E P nrllelaGH,ceritve DG cprop.a, 6.
ad GE;itaDHad HF,
Eftautem D Gzqualisipfi A; GEipfi B;
D Hipfi C;eft ergo vt A adB; ita Cad
HF. Tribusergodatis A, B,C inuenta cft
quarta proportionalis 1 F. Quod opor-
I tuit facere. o
# Propofitior 3.Probl.s.
* Duabusyeilis datis mediam proportio.

naleminyenire.
-'SIt duab®datis A B,
BCmediapropor-
' tionalis inuenienda.
B Ponantur in dire&a
p A I3 « defcribaturqué fupe:- 29io LIk
A C femicirculus AD C; #& ducatura B 2%
¢ . Q5 - pus-

L T~ R S I

= TR

B
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pun&o, BD, ipfi A CadangulosreQos,
. bprep.3r.3. lun&is AD,D C.b Et quiaangulus ADC
reus cft; quippe in
femicirculo, eftq;in
triangul;» rcééangulg
ex angulore&to D1
A 1 BC baﬁmgA Cperpendi-
ccorslor,  Cularis du&a D[B. ¢ erit B D inter partes
prop.2.¢. balis AB,B C,mediaproportionalis. Dua-
bus ergo, &c. Quod oportuit facere.

Propofitio 14. Theor. 9.

i
|
!
i
|
|
i
|

|

» AEqualiums, & vaum vni a»gulu- '

gualem habentivm parallelogrammo-
rum.reciproca funt latera, guacirca .
guales angulos. Et parallelogramma,
qu e vnumuni angulum equalem ha-
bent , & quornm reciprocantur ls-
_ teracirca equales angulos,
_ equaliafunt,

Slnt'parallcl‘ogrnmmn AB,BCzqualis,
habentiaangulosad B zquales, pofitg-
o Colligiryr que fint D BB EindireQum, aerunter-
ex13.1¢. go & FB, BGindireGtum.Dicoparalle-

s logrammorum A B, B Clatera, quz circa '

gqua-
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-

gqualesangulos,eflereciproca. Hoceft,
flevt DBadBE; ita GBad BF. Perfi-
ciatur enim parallclogrammum FE. Ec
uiaA B, BC parallelogramma zqualia
unt,aliudautem quoddam eft, FE:berit bprop- 7.5
vtABadFE;itaB Cadidem FE, cfed vt 27905+
ABadFE;itaeR DBad BE; & vtBC'
ad F E;itae G Bad BF.dErgocft vt DB 92727
ad B E;itaG Bad BF. Parallelogrammio-
rumergo A B,B Ce laterafuntreciproca. edefie.s,
SfRecipracentur iam latera, quz circa z- f df.a.é.
qualesangulos; fitquevt DBad BE;ita '
G Bad BF. Dico parallclogramma A B,
B Czqualia effe. Cum enim fic ve D Bad
BE;itaGBadBF. gEtvtDB ad BE; gerop. 7.4
itaA BadFE;atque ve GBad BF; ita
lle adFE: critv: ABadFE zitaBCad
idem F E; & xqualia ergo funt parallelo- hprop.s.5}
grammak%.B C. ;équaliunl: ergo, /
& vnum vni,&c.Quod opor-
tuit demonftrare,
«§(0)soe |
Proe
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Propofitio 1 §.Theor. ro.

AEqualism trimignlarm . O Unm

angslumvni aqualem babentium, re-
eiproca funt lstera, que circa equales
angulos. Et trisngula, qns vnums 4n-
gulum vniequalembabent ¢ quorsm
latera gque circaagsales angulos,
reciprocantuy,funt
equalia,

S Inttriangula ABC,A D Ezqualia, ha-
beantque voum angulum B A C, vni
DAE 2-
qualé. Di-
co latera,
quecircag-
quales funt
angulos, re
' ! ' ciproca ef-
fe. Hocefl,efle,t CAad AD;itaEA

. ad AB. Ponantur enim C A, A Din di-

o Coligitnr teQum; acrunt ergo & EA, A Bin dire-
gg:“ Gum.& ducatar B D. Cuin igitur trian-
" gulaABC, A DEzqualiafint, fitqueali-
bprap.7..udABD; b erit vt CABad BADjica
cproporé. ADEadidemBAD;:efed vt CAB ad
- ' BAD;

-

e - ————— gy ——
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BAD;itaeRCAad AD. Et vtEAD

: ad BADjitacREAad AB: d Ergo vtd

CAad ADjitaeft EA ad AB. Trian-

" gulorum ergo ABC, ADE latera, quz

circazquales angulos, reciprocantur. Sed
reciproca {int 1am latera triangulorum
ABC, ADE Etfitcvt CA ad AD;
ita EAad AB. Dico triangula AB G,
A DE effe zqualia. Iun&a rurfus BD,

propai g

eritvtCAadAD ;itaE A ad ABzefed epmp. 1.6.

vt ;‘A ad A D; ita eft triangulum ABC
ad triangulum BAD; vt ver6 E A ad
A B; ita triangulum E A D ad triangu-
lum BAD. étlergo ABCadBAD;
ita ¢ft EAD ad idem BA D: vtrumque
er%o ABC,EADadB AD eandém
ha

et proportionem : f zquale ergo cft fprop-#.

* triangulum A'BC, triangulo EAD.
Aiqualil.'xm ergo triangulorum,&c.
: Quod oportuitdemon-
, firare.

as(o)oe .

Loy
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Propoficio 16. Theor. 11.

Si quatuor rella linee proportionales
Jucerint,erit quod extremis continetnr
reclangulum, aquale illi quod mediss
sontinetar recltangalo, Etfi bedangs-
dum extremis contentum, equale fue-
yit mediss contentoretangulo; |
gquatuor sllalineapropor-
tionaleseruns. S
Int quatuorre@z AB, CD, E, Fpro-
portionales, vt ABadCDjita Ead F.

. “

R  Dico re@i- |

’ ,LIO’" .. " gulum A B,
G - SR "| ‘& Fconten- |

‘ —_— ] " tum,zquile 1
’ D effeconten |
A---B toCD,&E

sprapant. gDucanturi puniis A, C adre@as A B,

CD ad angulos re&os A G, CH ; fitque

- ipfi F2qualis AG : &ipfi E,ipfaC H, c3-

pleanturque paraliclogramma B G, DH.

Etquia eft,vt ABad CD;itaEad F.&
eft Eipfi CH; & Fipfi A G equalis , erit .
bpropag.s VEABadC D;itaCH ad AG:bparalle- |
"~ logrammorum ergo BG,D Hlatera,qug -

: cira

|
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 citca gqnalesangulosfunt,reciprocantur:
: :ciuorum aueem parallclogrammornm¢. prep.red
. quiangulorum latera reciprocantur, illa
zqualiafunt : parallelogrammaergoBG,
' DHzqualiafunt. ExeltBG,quod A B,
. ‘& Fcontinetur, (eft enim AG ipfiF -
; qualis) DH, quod € D& E continetur
; (eft enim CHipG Ezqualis. ) Quod er-
| go AB,& F cantinetur,zqualg eftei,quod
C D & E continetur re&angulo. Sit iam
- quod A B,&F continetur,zquale ¢i qued
CD & Econtinctur. Dico quatuor ré-
, Qasefleproportionales. Ve AB 2dC D3
. ita Ead F. ij{dem conftruis, cum quod
‘A B,F continetur,zqualefitei quod CD,
" E continctur, fitque BGid qiod AB, &
F continetur (eft eaim A G ipfi F gqua-
¢ lis) D H vero,quod €D, & E co'n'tinc‘-
¥ eur (eftenim & CHipfi E zqualis ), erit
¢ BGipfi D Hzquale : & funtzquiangula.
dZqualium autem & zquianguloryin pa-
rallgogrammorum latera , qu circa z- dprep,tg.de

! qualesan gulos', recigroca funt:Eritergo

4 - ytAB ad CDjitaEadF. Siergoquas
» o tuorre@zlinex,&c. Quod o«
i portuit demon-

b firare.’ R
P . (o) . !
oo Pro-

'
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- Propofitio17.Theor. 1 2.

- Sitresveiialincaproportionales fue
rintseritguod extremis contineturre
Gangulum, aguale quadrato quodfiti.
media. Et fi quod extremis continetsr

reclangulum aquale fuerit quadrate
quod amediafit, erunt tres
bineaille proportio-
nales. , _
SIm tresreGz A, B, C proportionales,

viAadB;itaBad C. Dico quod A,C '
A . contipetur - |

. quale eflecig
D H'LI'7 ex B. Ponatur |
- . 54 D zqualis ipl

Ry B. Et cum fit
-1  vtAadBjiub !
» 7 Cad C; fitvero ipfi Bzquals !
o Dseritve AadB;itaDadC.
aprapaé.¢ #Cum autem quatnor reQg |
~ proportionales funt, eft quod extremis
contineturreGangulum, gquale ci quol |
mediis coatinetur reGangulo, Quoder- |
goA& Ccontinetur , zquale eft e quod -
» D continetur; at quod B, D contine-
tur zquale cft ¢j quod ¢x B; eft cnim l?i
; ip
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ipfi Bzqualis; Ergoquod A, C contine-
tur,zquale cft ciquod ex B guadrato. Sit
iam quod A,C cGtinetur, gqualeci, quod
exB, Dicoefle,vt Aad B; itaBad C. iif~
‘demenim conftrutis,cum quod A, Cc6-
tinetur zquale it ei quod ex B;& quod ex
B.zquale ei qued B, D continctur, quod
- B,Dzquales fint; erit quod A, Cconti-

Detur, zquale ¢i quod B, D continetur,-

b quando autem quod cxtremis contine- bprpaé.6

tur,zquale eft ci quod continetur mediis,

funt quatuor illz linez proportionales.

Eftigiturvt A ad B;ita D ad C: zqualis.
“autemeft D ipfi B: ergovt A adBjitaeft
' BadC.Siergotreslinez,&c.Quod opor-

A

 tuitdemouftrare,
i

' . Propofitio 1 8. Probl. 6.
s Super dara recta lines date rectilineo

;’ Simile fimilizerg pofirumreiiili- o

neum deferibere.

¥
. A

?‘ OPorteat fuper data A B dato redili-

* NI neo C E fimile fimiliterque pofitum

¥ re®ilineum defcribere, Ducatur DF, &

" aconflitnantur ad pun&a A, BreGz A B apropaz.r.

* anguli GAB , AB G zquales angulis C,
o R CDF,

Lm
N
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AT B ) &
C D F;eritque reliquus C F Dreliquo !
AGB zqualis : triangula iﬁitur FCD,
b .. G ABfuntzquiangula. b Eftergo,ve FD
P24 24 GB;itaFC ad GA; & CDad A B.
¢prop.23.1. € Conflituantur rurfus ad pun&a B,G re-
&zBGangyliB G H,G BHzqualesan- .
gulis DFE, F D E;eritquercliquus E. re-
liquo H zqualis : triangula ergo FDE, |
dprop.g.¢. GBH zquiangula funt; defligitur ve FD |
2dGB;itaFE, G H;%ED 3dHB. O- |
flenfum autemell,effevt FDadG B;is !
epropass. FCad G A,& CDad A Bjeigitur ve FC
~ adAG;ieflCDadAB; & FEad GH;
itemque E D ad HB. Et cum angulus
- . CFDzqualis fitanguloAGB: & DFE .
ipfi BGH¢ erittotus CFE toti AGTHL
zqualis, Eadem de caufa erit angulus
CDE zqualisangulo ABH. Eft vero &
angulus CaoguloA; Etangulus E angu-
lo Hzqualis: zquiangulaergo funt A H;
- . CE,habentquelatera circazqualesangu-
-fdof.6.5. Lo proportionalis. f Eftigitur AH re&i-
BTN - lincum
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lineum fimile fimiliterque pofitum re&i-

- lineo CE. SuperdataergoreQalinea,&c;
] ondoport\uit facere. .

% Propofitio 19, Theor.. ;3.

- Similia triangula inter [¢  funt indu.
T plapreportione fuorums la.
, Lersm.

J ' L

; S Int ABC,D E Ftrlangula fimili4 , ha- N
bentiaangulos B, Ezquales; fitqquevg -

ABadBC;

ita DEad

: EF,vtla~

) tera BC,
E EFfint hq

; mologa.

8 G ¢ DicotriangulumABC
« ad triangulum DEF
# duplam habereporpottionem cius,quam .
i habet BCad EF.4Sumatur enim ipfarum 2#7ep.15.6
. BC,EF tertiaproportionalis B G; vtfit
¢ quomodo BCad E F;ita EFad BG;du-
¢ €aturque G A. Cum igitur fitve ABad ‘
it B C3itaD Ead E F;berit permutandove bdglin g
) ABadDFE;itaBC ad EF. fed vt BCad
3 EFsitacfEFad BG:ergovt ABadDE; -
it ita e EF ad BG: Triangulosym ergo

T L T O

e

-

e
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AB G, DEF lateracirca zquales angu-
los reciprocantur., (Luqrum autemn tnanv
galord v

td”t Cll'a

rocantunlgagqualn
ﬂmt étriangulaergo D EF,ABG2qaa-
P o fune. &qgmmguBc 2d EFiuEF
ad BG; quando awkem tres linez propor-
ddef 10, 5. tionales funt,d prn(:a ad temamdu lam
proportionem- hab redicitar eius, quam
habet ad fecundam.BC ergol habet ad BG
duplam proportionem eius, quamhabet

n@ angu-
lum voiz-

& qualé hz- |
bentiii h-

zqunlcs angtlos reci- .

|

eprop.1 6. ad EF. ViveroB Cad BG;cita eft trian- !

gulum A B Cad triangulam ABG : habat |
ergo triangulum A B Cad mangulum

- AB Gduplam proportionem cius,quam

habet BC ad EF. Eft autem mangulnm )

ABGzquale trianguloDEF: h

duplam proportionem eius, quam haba
BCad EF. Similiaergo triangula,
&e¢. Quodoportuitde-
monftrare.
T Corel-

s

erer |,
gotriangulum ABC adtriangulum DEF -
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5 Corollarium.
¥ Exhismanifeftum eft,fi treslinez pro-
; portionales fuerint; effe, vt primam ad
; tertiam, ita triangulym fuper prima de-
. feripumad triangulum fuperfecundafi-
®  mile fimiliterque delcriptum. Oftenfom
" eftenim, vteffCB ad BG; itaeffe trian-
; gulum ABCad triangplum ABG, hoc
. eft,ad riangulum D E F. Quod oportuit
. demontirare, o B

- Propofitio 20. Theor. 14.
o Similia polygona in fimilia triangnls
s diniduninr; & numero aqualia,Grho-
s mologa toris; & polygonsmadpolygo-
G mum duplam babet proportionem
v eins,quam babet latus homo-
7 logumad latus home-
L logum.
b SInt fimilia polygona AB CD E,
y JVFGHKL, & fitlatus ABhomolo-
u’g %um ipfiFG. Dico polygons ABCDE,
¢ F GHKL in fimilia triangula diuidi, 8¢
. mumerozqualia,& homologa totis;&po-
lygoniit ABCDE ad polygoni FGHKL
i - ' R 3 dun-

B
]
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+ duplicatam habere propsrtionem eius;
quam habet ABad F G, Iungantur enim

>

BE,EC,GL,LH;&quia po\ygohum

ABCDE fimileeft polygono FGHKL;

eritangulus B A E zqualisangulo GFL;

[

&eft,vtBAadAE ;itaGFadFL. Cum |

itaqueduo finttriangula ABE,F GL,v-
num angulum vni zqualem, & circas-
qualesangulos latera proportionalia hs-
sprep.. 4. bentia,a crunt ipfa zquiangula, ideoq; &
fimilia: zqualiseft ergoangulus ABE an-
guloFGL;eft verd & totus ABC,tod

FGH zqualis, propterfimilitudinem po- .

bens.  lygonorum; b reliquusergoEB C, reli-
?uo L G H zqualis erit. Exquia propter
1

militudinem triangulorum ABE,FGL,

_ eft,vt EBadBA;itaLGadGF. Sed&
€2ré¢p.23.5. propter fimilitudinem polygonorum, cft
¥tABadBC;jitaF Gad GH;eex a2qua-
liergocft,EBad BG;ita LG ad GH ; la-

o S tera

Y SN
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tera ergo circa zquales angulos EBC,
L GH, funt proportionalia; zquiangula
dergofunt triangula EB C, LGH; qua- dprop.s. 6}
re & fimilia, Eadem de caufa ﬁmilia?dnt

5 triangola E CD,LHK: Similia ergo po-

¥ 1ygonaABCDE, FGHKL in fimilia

I triangula,& zqualia numere diuifafunt.

i Dico& homolagaefletotis, hoc eft, pro-

. £ortionalia, &antecedentia quideABE,
EBC,ECD ; Confequentia verd ipfo-

. rumFGL,LGH,LHK;atquepolygo-

- num ABCDE ad polygonum FGHKL,

& duplam babere proportionem eius,quam

. habet latus homologum A B adlatus ho-

r mologum F G.Iungantur enim AC, FH.

'~ Et quia propter fimilitudiné€ polygono-

" rum,funtanguli ABC,FGHzquales; cft- :

} queviABad BC;itaFGad GHjeaqui- e 6. 4.

. angulaergofunt triangula ABC,FG H:

;‘ zquales igityr funt tamanguli BA C,
GFH,quam BCA, G HF.Etquiaanguli -

' BAM, GFN =zquales funt, oftenfique

-~ funt & ABM,FGN zquales;erunt &

! reliquiAMB,FNGe¢quales;funtergotric - * - 4

ﬁ angula ABM,FGN zquiangula.Similiter

g oftendemus & triangulaBMC,GNH effe

' zquiangula. Eft ergo vt AM ad MB ;ita

; FNadNG.EtveBMadMC;itaGNad
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. D S
* fprop.12.5. N H; ex faquali ergoeft veAMad M C;
ppnéitaFNadNH:gledve AMpMMC ; it
elttriangulum ABMad trianguli MBC;
& AMEad EMC;funt enimadfe inui-
hpropa z.s, cem vt bafes; 8 b vt vhum antecedenti-
um,ad voum confequentium ; ita omnis
antecendentiaad omnia cofequentia, Ve
ergotriangulum AMBad BM C;ita uri-
angulum ABEad CBE:s{ed ve AMBad
BMC;itaeft AMad MC; Vtergo AMad
MCi;itatriangulum ABE ad EBC, Eadem
detanfa,eftve F Nad N H; itatrianguli
FGLadGLH:Eteftvt AMad MC;in
FN ad NH; Vt ergo triangulum ABE
ad BE Cjita triangtﬁum FGLad GHL;
kprop.res, k8 permutido,vtABE ad FGL;ita ERC |
ad GLH. Similiter dem{trabimus dy@is -
- BD,GK.Effe vt trianguliBECad LGH; _
itaECDad LHK: & quiaeft, vt ABE
adFGL;ia EBCad LGH; & ECD
Iprapuas,z, 8 LHK: Jerit ve voum antecedentinm
: al
4

iprop.1.6,




e
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.ad vnum confequentium;itaomnia ante-

cedentiaad omnia confequentia:eft ergo
vtABEadFGL;inABCDEadFG
HKL:fed /A BEad F G Lduplam pro-
portionem habet eius, quam A B latus
homologumad F G ltus homologum.
ms Similis enim triangulaindupla ,ppoI-
tionefunt laterum homologorum; ha-
bet ergo & ABCDEpolygonum ad F
G HKL polygonum duplam proportio-
nem eius,quam habet A Bad F G, Similia

. ergopolygona, &c. Quod oportuit de-
- monftrare. Eodem modo in fimilibus

B S e A S R T

R L L - e -

quadrilateris oftendetur in dupla illaeffe
proportione laterum homologorum,
# Oftenlum e autem & in triangulis,

* Corollarium 1.

Vaiuersé ergo fimiles reéili-
nez ﬁgurz ad fe'iouicem funt

Ipropay &

mpro.igé

2 pr0p19.6

homologorum; & fi ipfarum .

zoX 1T in dupla proportione lateruns

A B,F G tertiam proportiona-
lem fumamus X; b habebit AB
ad X duplam proportionem cius, quam

habet adFG.Habet autem &polygonum - -

ad polygonum, & quadrilaterumad qua,
, "R drila-

b_l‘ﬁ""‘

A

hY
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drifateium duplam proportionem eias,
.quam habet homologum latusad homo-

‘e wrprop. logum,hoceft:ABad FG.c Oftenfumeft
N TN A autem hocin triangulis.

Corollarium 11.

|

|

Vhiuersé ergo manifcftum eft; i tres (,

Cerel, prep. fuerint reGz, efle v primaeftad tertiam,

22.6.  jtafiguram i prima defcriptam, ad figu- |
ram afeciidafimiliter defcriptam, Quod |
‘eportuit demdhﬁgare. .

- Oftendemus etiamaliter,8 expeditios
triangula effe homologa- Exponantuc
rurfus polygona ABCDE, F GHKL,
ducamurc{ue BE,EC,GL,LH. Dico ‘

effe vt triangulum A BE ad triangulom

" 'FGL;itaEBCad LGH;&CDE ad HKL.

. . Comenimuiangula ABEFG L fimilb-

#2993, lia fint,# habebit AB Ead FG L duplam
proportionem cius,quam habet latus Bﬁ

: IR &

Y
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yad G L. Eadem decaufahabebit triangu-
;Jum B E C ad GLH duplam proportio-
. nem civs,quam habct BEad GL.Efter-
govtABEad FGL;it3 EBCadGLH.
Rurfus camtriangula EB C, LGH (1mi-
[ Hafint; haliebit EBCad L GHduplam
proportionem eius, quam habet C Ere-
¢ &aad HL. Eadem decaufa habettrian-
¢ gulum E CDad L HK duplam propor-
. tionem eius,quam habet C Ead HL. Eft
" ergovt BECad LGH;ita CED ad LHK
Oftenfumauté eft, effe,yt EBCad LGHj
ita ABEadFG L;ergovt ABEad FGL;
itaet BECad GLH;&E CDad L HK,

\ & yrergovnum antecedentium ad voum bprep, 24,4,

- confequentium ; itaomniaanteeedentia

'ad omaia confequentia; & reliqua vtin

, prioridemonftratione. Quod oportuit
demonftrare.

, Propofar.Theor.15.

. Qukcidem velilineo funt fimilis, &

-‘ - Ginterfefant imilisa.

;i S It vtrumque reQilineoram ABipfiC

) &2 fimile. Dico & Aipfi B fimile effe. Cum

, enim AipfiC it fimile, erit & zquiangu-
lumilli, habebitque latera’cirea zquales

;angulos proportionalia: Rurfiss cum B

S fimile




!
!
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' : fimile fic iph
' C,zquiangu-
A é} 1 il exic o
I A bebitque cir-
g cagqualesan- -
gdos lawn
proportionalia: Viramqueergoipforum .
A,Bzquiangulyn eftipfi C, & habet cir- |
ca¢qualesangulos latera proportionalia: -
erunt ergo &A,B ¢quianguls,habebune. |
que circa zquales angulos,latera propor- |
tionalia:(imilia ergo funt.Quod oportwiy
demonftrare, o '

~ Propofi22.Theor.16.

!
Si quatuor recle lince proportiomale ‘
Jucrivt; erunt & rectilineaab ipfisf-
milia fimiliterq; deferipta propertis
walia:Et firectilinea fimilia fimsliterf, |
abipfisdeferiptaproportionaliafusr-
ristserunt Gripfepropor- i
tionales. i
SInt quatuorre&z AB,CD,EF,GH’
proportionales. Ve ABad CD;iea EF
- aprop.id,s 3d GH, adeferibaneord; fuper AB,CD
fimilia, imiliterd; pofita reGilinea KAB,
LCD.fuper EF, GH fimilia militerque

pofita



LIBER V. s

; . _
o ofita M F,
@ = A NH. Dico
f’g £ effe,vtKAB
o : ad LCD;ita
54 B g—\ MFudNH.
e 7z bfumature- bprepari.e,
I*" 7z G nim ipfari
i » 24 AB,CDrter
4 F ¥ tia pportionalis X; ipfa-
’ xz . sumvyero EF,GH tertia
’ \__\  pportionalis O. Etcum
' PR fcABadCDnEF

; ad GH&VtCDadx;itaGHad O:¢ée- cprop. 21.8
ritexzquali; vt ABadX; ita GHad@:
. dledvtABad X,itae(t K ABad L C D;& dprop.19.6
AL EF ad Ositae MFad NH:ergo vt ABK ¢ ¢or. prop
" ad CDL,itact MFadN H Sed fit vt_"""
#K ABadL.CD;itaMFad NH. Dico
7! effe,yt ABad CD ; itaFEad G H. Fiat fprep.11.6;
sfenimvt ABad CD,itaEFad PR, g de-.gprop.rdié
,ﬁfcribatnrc’l; fuper PR re&ilineum SR fi-
mile fimiliterque pofitum ipfis MF;NH.,
* Cum ergo fit, veAB adCD); itaE Fad
P R, defcriptaduefint fuper AB,C D te-
¢! &ilineaK A B, L CD fimiliafimiliterque
)7 pofitafuper EF, PR verd fimilia fimili-
i’ terque pofitaM F, SR ; eritve KAB ad
at L CD;itaMFad SR ponityrautem vy
gL XAB
f .

\
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KABadLCD;itaMFad N H. Habet

~ ergoMFadNH,&ad SK eandem pro-
bprop.3.5. portionem;b zqualia crgo funt NH,SR;
fed funt fimilia fimiliterque pofita;zqua- |
~  lesergofunt G H,PR.EtquiaeftvtAB '
adCD,itaEFadPR ;& funt PR,GH |
zquales;eritvt ABad CD:ita EF ad GHL [
Siergo quatuor, reétz, &c. Quod opor-
~ suit demonfirare, ;
Lemma.s. l
Quod su- \’

N
, ¥ tem quido
reGilinea |
- B 'H zqualia 6 |

milia fuerine, ipforum latera bomolﬁs
" mqualiafint, ficoftendemus. Sint N H, ‘
. SRaqualia, & fimilia; fitque ve H Gad
GN;itaRPad PS.DicoR P,GHzquales
« - effe.Sinon:erit voa maior. Sitmaior R B
ciiergo it vt R Pad PS;itaHGad GN;
' seritpermutando, vt R Pad G H;ia P S
8779 10.5e 3d G N:maior eftautem PR quam GH:
" maiorergo etiam erit PS quiG N. Qua- !
. re& R Smaius erit,quam H N: fed eft il
gquale;quod fieri non poteft:Non efter
go PR maior quaim G H. Quod gportuit
demonflrare, : :
. Pro-
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.+ Propof.23.Theor.17.
t./!eq:mmgula parallelogrammainter
/t proportionembabent ex lateri-
ha:ompof itam. .
SInt zqunangula
parallelogramma . .,
AC,CFzqualesan-
—I€ EulosBCD, ECG
abentia. Dicoilla
proportioné, habe-

| re, ex proportione
laterum compofitd

{
l

i ; exilla nimirum qua
. KL R e R
?quam habet D Cad CE. PonaturBCi-
L’Pﬁ CGindireGum;a eritergo& D Ci- aprapiga
pfiCEin direGum, & ‘compleatar paral-:
{clogrammum D G.Exponatur quadam

reGaX, b fiarg; viB Cad CG;itaKadL; baropane
Beve DCadCE;itaLad M. Proporno— '
mesergoKadL, & LadM, ezdem funt
iquzlaterum, BCadCG & D CadCE. -
sr-Sed praportio K ad M componitur ex cdef .6
Proporuone Kad L, & L. ad M; habet ez-,

;o & K ad M proportionem ex lateram

roportione compofitam, Etcum fitve

EC ad CG;ditaAC parallelogrammun: dprop. 1.6}
R ¢ A
E )
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L

adCH: &vt BCad C G;ita K ad
eprop. ans e erit vt KadL, itaACad CH. Rurfis

f[ro).l.‘.
3

W’A’lq’l 13

\

fcumficve DCud

—H ¢ E;ita parallelogs

mum CH ad CE&

——& vtDCadCE;iaL

adM, g erityt Lad

- M,iaCH ad CF..
Cumigitur ofléfum |
fit,vtKadL;itaeffe |
ACadCHjvtvero

KLME ™F | i/ iwCH ad

hprop.asg g F; beritexaquali,vt K ad M,itaACpad |

F. AtKad M proportioné habetcom-
pofitam exlateribus: ergo & A Cad CF,
proportionem habet compofitam exl-
teribus : zquiangula ergo parallclogran-
mum,&c.Quod oportuitdemonftrare.

Propof.24.Theor.18.
- Omnisparallelogrammique circadic

wnetrimfunt parallelogrima, fomwili

[ant soti, & inter fe.

©oe SIt paraliclogrammum ABCD), diame

trus A C,circaquam fint parallelogri

ma EG,HK. Dico vtrumq; E G,H K1
tiABCD, &inter fc fimilia cfle. Cume
A nim adlatus B Ctrianguli ABCdu&alk

pard:
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I}%par‘al.lelaE F; s critytBEad EA;itaCF 4 prop.a b

-' ad FA.Rurfus cam ad latus C D triangu- |

i 1i ACD du&afit parallela F G,erit vt CF l

I adFA;:iaDG

| A _E Bad GA. Sedve |

. CFadFA;ita - ' |

2R oﬁéfa;ﬂ:BEad v :

. 24 - EA: b ergovt .., |

- plf [ BEAEA, i "™

’-‘ _ . et DGad GA:

- ¢ componendo ergo vt BA ad AE;ita ¢ propas.s
DAadAG: &perdmutando, vtB A dprepac.s

- ad ADjira AE2d AG: parallelogram-

y morum ergo ABCD, EG latera circa

; communem angulum B A D funtpro-

s portionalia. Cumdue GF,D Cparalle-

; 1z fint, e eruntanguli A G F,A D Cjitem eprgp.20.1,

s GFA,D C Azquales; commaunis D A Ct

; triangulaergo AD C,A G F zquiangula
funt.Eadem de caufaerunt& ABC,AFE

! zquiangula:tota ergo parallelogramma

h» ABCD,EGfuntzquiangulafeftigitue .~ _
vt ADad DCiitaAG 2d GF;&vt DCad * %%

y CA;itaGFad FA.Ve verd ACad CB;ita 1
AFadFE;&vtCBadBAitaFEad EA.

; EtquiademonfiratumeftyeflevtDCad | |

s CAsitaGFad FA.Vtverd ACad CB;ita o

3 AF ad FE;eritex zquali ve DCad CB;ita

G F ad FE. Parllclogrammorum ergo |
AR , S ABCD,
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A B CD,EG lateracirca gquales angulos
funt proportionalia;imilia ergo funr.Es-

. demdecaufa erit parallelogrammumkH
toti A B @ Dfimile: vtrumq; ergoEG,
KHtotiABC D fimileefl.g Quzautem .,

827114 cidem funt fimilia, &inter fe funt fimiliaz
eftergo EGipfi KH fimile. Omnisergo .
paralﬁlogrammi, &c. Quod oportuitde- |

moanftrare.
) Propof’2 5.Probly. K
Dasorectilineo fimile,C alteridaso .
\ aquale conflitueres .

A It dato re@i-
, ) linecoA BC !

A ’ A ’3. {imile conflitu- -
U o endum, zquak |

‘. o ‘ verd ipfiD. 4

' \L Applicetur o |

¢4 BL & ¥y lat’ B Crrian
Rkt A , gulo A BCs- |

quale e

- E ™M logrim@BE

e ad CE verd ¢quale ipfiD,n

S \ mirdi CMin angulo F CE,-
bprop.1se equaliangulo CBL; & indi
cprpays. /s reQfiergo eritBCipfi CF,

&LEipfiEM, ¢ Accipiatus
@ H ipfarumB C,CF medxs pro-
. " W'_

I
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gportionalis GH; & fuper}ipﬁg)ﬁ ABC
- re@ilinco dimile defcribatur, &fimiliter
s pofitum KGH. CumergofitvtBCad
. G H,ita G Had CF(quido enim fuerine
" weese recte propertionales,cft vt primaad
, tevtiam ita figura fuper prima defcripta
, edfiguram fuper fecunda fimilem, fimi-
, literd; defcriptam )Eftergo ve BCad CF;
* jtatriangulum ABCad triangulii KGH,
- fSedvt BCad CF,itaelt BEad E F.vter-
. gog triangulli A B Cadtrianguti KGH;
; ttacft BE parallclogrammum ad EF pa-

rallelogrammum : & b permutando, vt
' ABCadB Esita ft KGHad EF.quale
" autemefteriangulum ABC parallelogri-

ﬁ mo BE:ergo & triangulum KGH zquale

" Eftverd 4K G Hipfi ABCfimile. Da-
il

¢ tO€rgo ractilineo,&c. Quod oportuic fa
) Seres |

a‘; .. Propof.26.Theor.t9.

F{dp Si & parallelogrammo parallelogram-
i swm auferatur , fimile voti fimiliterg,
Il pofitum,commmem ipfi habens an-

C"F: gulumicircacandem diame-
::5 . tramesitoti,

S a Apa-

dprep.18.6

ecols.prope
a9 bfo

fpropr e
E proput. gl
prop. 16y

" eft paraliclogrammo E F.Sed E F aquale - .
“ eftipfi D:ergo & KGHipfi D eft zquale, -
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parallelogram.
P Amb ABg,gD au-
feraturparallelogri-
- mum A Ffimiletot
ABCD,&fimiliter|
. —c. pofitum, communt;
LI " angulumDAB cum|
ipfohabets.Dico AB C D circa candem
diametrum effeipfi AF.Si non.Sit ipforé
diametrus A H C. & ducatur per H veri-
... - queAD, BCparallcla HK, Cumergo
aprop.ag.6 ABU D circaeandem diametrum iipft
V KG;aerit ABC Dipfi KG Gimile.Efter-
govtDAad AB;itaG Aad AK: eftauté
propter fimilitadinem ipforum ABCD, '
EG,vtDAad AB;itaG Aad A E.ergovt -
bprepar. . bGAad AE,itaG Aad AK; habererg
cproros. GAadviramgs AK,AE ¢ eandem pro-
pottionem, zqualisergoeft A Eipfi AK, :
minor maiori,quod fieri negnit.Noner- |
go AB CDvcircacandem dismetrumedl |
ipfi A H. Circaeandem ergo diamerrum
sftipfi A F.;Si ergod parallelogrimo,ic
Quod oportuit demonftrare.
Propof.27.Theor.z0.
Omuiumparallelogrammorum adean
demreciam lincam applicatornms , &
dcficientinmfigurs paraflelogrammi
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omilibus, G fimiliser pofitis eique ddi-
\midia deferibitur, maximam et quod
" ad dimidiam &5t spplicatum, fimile
" exiffens defeltus.

E&aABabife- aprepae.ni
wceturin C, &

applicetur ¢d A B :

re@am * paraliclo- * ywele-

! E‘a_mmgm AD d:_ (£ 2] 0
ciens figura paral-

lclogramgt:a Dp'a, fi-

‘mih, & fimiliter po-

. . fitaei,que d dimidia

jipfius AB deferipta.eft, Dico omnium

, parallelogranimorum ad A B applicato-

;ram , & deficientium figuris parallelo-

 grammis (imilibos, imiliterg; pofitisipfi

; D B,maximum efleA D, & Appliceture-

‘nim ad re@am A B paraliclogrammpm bprep.¢ 4.1

; A F,deficiens parallclogrammao FB (imi- :

; li fimiliterque pofitoipfi D B. DicaAD

y maius effe )pfo AF.Cum enim D B fimile
fitipi FB, ¢ eruntcircacapdem diame- cpop.26.6
trum. - Ducaturillorum djametrus DB,

’ & defcribatur figura.d Cum ergaipli CF dprop.432

“ gquale it FE, ficSGmuncapponatur F B,

# ¢ erit totum CHtoti K E zquale. Sedipfi ¢ o3

g CHzqualee®R CG cum AC,CB zquales

| - S22 fipe

\
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Dico parallelogrimum A L ad dimidian

lpr)p;:o.l

b)ia’.{ 3.7

- Addatamreilineamdato refilines
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fint;ergo & GCipfi EK zquale eft.Com-

“mune C Fapponator; & erit totam AF,

gnomoni LM N zquale. Quare DB,boc |
eft AD,quam AF maius eft. O mnium er-
go parallelogrammorii,&c. Quodopor- |
tuitdemonftrare.

Aliter. Sit A B urfus !
in Cbife@a,& applicati |
AL,deficiensfigura LB. ;
Applicetur ad AB paral- |
laﬁgrammumhﬁdcﬁ-
ciensfigura E B,Gmli&
Aimilizer pofita ipfi LB
P C d dimidia A B defricptz.

epplicatii maiusefleipfo A E. Cumenim
EBipfiLB fimilefit# crunt circa eandem
diametrii,que fit EB,perficiaturd; figurs
Quiaergo LF ipfi LH ¢quale eft,quod &
FGipfi GHfitzqualis; FL, quam EK |
maius erit:bequale eftautem LF ipfi DL
maiusergocft DL quam EK, commune

- ——— P

addatur KD;totum ergoAL totoA E ma- -

jus eft. Quod oportuitdemonttrare. !
Propof.28.Probl8,

. aqualeparallelogrammum applicare

deficiensfiguraparallelogramena , qua

Jit |

\
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i fit fimilis alseridata. Oporteranté da-
2 $umvrellilinewm , cusiaqualespplican-
1= dumest ,mainsnoneffeco, quodad di-
& midiamapplicatur, fimilibus exiftri-
b defeciibus; & eo quod adimidia,&e
; €o,cui opoyies fimile deficere.
y H GOF SItrc&adataA B;

re&ilineum da-
tum,cuioporteat ‘g-
R quale applicare, fit
C,nonmaiusexiflés
: co quod ad dimidia
m applicatii eft,imili-

ligus exift&ibus de-

i A
If fc&ib’.Cuia?- :
tem oportet {i-
ﬂfz mile deficere,

‘ ?

g

Cl‘ -1 D

i ts

? \ © 5 - fie D, Oportet

d ¢ \ ergoad ABre&ilineo Czqua-

v »8 \ le parallclogrimum applicare,

! deficiés figura parallelogrima

’f - fimiliipiD.4 BifeceturABin E &b ddfcri aprop.ret.
" batur fupEB ipfi D fimile, fimiliterdspofi bpropas.6
' 14 EBFG compleatur§; AG parall::llogri ,

~ mii:quodipfi Caut gquaje eft,aut mai® ob

I determinationé.Sigquale,fa&ii eft giube

- batur;applicatii enim eftad AB re@ilineo

. Czquale parallclogrammii AG deficicns

T S 4 ficura

o
¢ I
E,

v
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figura parallelogramma GB fimiliipfi D.

" Stverd HE maius eft quam C; erit & GB
majus,cum GBipfiHE ficzquale. Excel-

H‘f"'g'“ ¥ (i auté,quo G B excedit C, ¢ fiat zquale

9 £'K LM N, fimile fimiliterd; pofitiipfi D.
7 | Etcum D fimilefitipfi G B, erit & KXMi-
P ,,r\Pﬁ GB fimile.fitlinea KLipfiGE;& 1M
1pfi GF homologa;qa ergoGB gquale cft
Y ipfis C,&KM;eritGB;quiKM maius;erit
ergo& G Elincamaior quaKL; &GF,
h dL'—'{ f J. wquam LM.4 FiatipfiXL zqualis GX;ipft
i \ I b! [‘/‘EM ipfaGO,compleaturc’l; parallelogri-
| 1xtdy wum XGOP, quod erit zquale; & fimile !
., Sprorar6ip(iK M.fed KMipfi GB fimileeft; eerit |
¢ v fprop.ac. ¢ ergo &GPip(i GB fimilexf funt ergo GP,
A GBcircacandem diamet:ii, queg fit GPB.
&defcribatur figura.Cum itaq; GB gqus-
B lefitipfis C, KM, & G?ipﬁ KM;erigreli-
op.¢3.1 quus T®¥ gnomonipfi Cequalis,g cum-

gt (lucoR_.ipgﬁX_S ﬁtzgual,f:lﬁ_ con%t"nunc
hars.  PRaddatur;erit 4 totum O Btoti XBz-
#7235 quale, fed X Bipfi T Eeft § zquale,quod

: AE,EBfintzquales:ef ergo& T%.ipﬁ

OB zquale,fi commune XSaddatur,erit
totii TSgnomoani ¥@ T zquale. Sed gno-
monipfi Coftenfus eft zqualis: £ eft ergo
TSipli € gquale.Ad datam ergo AB dato
reilineo Czquale parallelogrimam TS
applicatumeeft deficiens figura PB fimili
. T iph

b
L]
.
(RS il

g‘.’q'ﬂ.
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ipli D,tam PBipfiG Pfimilefit. Quod
. oportuit facere. :
| Propofitio 29.Probl. 5.
Addatemrectam datorecilineo aqus-
leparallelogrammum applicare , exce-
densfigura parallelogramma. - ‘
milialseri dasa.
IT p aTAre@aAB;&redilincum
C, cui oporteatad A Bzqualcapplica-

c/

x N 28 \ .
1 re cuiautem fimile effe debeat excedens aprap. re.ts
¢ fit D. aBifecctur A Bin E,b defcribaturg; b2red-4:
4 fuper EB arallelogrammum fimile, fimi-
i literg; poflitum ip(r D; Acqualeverdveri-
i queBF, & C& fimile ipfi D efiat GH; gprop,e.5.6,
gquod ipfi F B fimile erit. Sit autem latus '
§o. S | KH

) .



A
dprep.21.8. ¥
epropae.b,

€am 2.
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K Hhomologumlateri FL;K G ipA FE.
Etcum G Hmaius (it qui F B, erit&KH
maior,quam FL; & KG quam FE; pro-
ducanturF L,FE,vtiplisKH,KG z
quales fiant,in M& N, compleatorque .
MN, quod ipli G Hzquale & fimilee:
G ’ .

. |
fed ipfi'G H fimile cft EL; deft ergo® i
M Nipfi E L fimile; efunt ergo circacas-
dem diametrum, quae dugatur, & fitF X }
compleaturque figura. Quia ergo GH{
tamipfis EL,& C,quam ipfi M N a2qua

. oft;ferit& MNipfis EL & C zquale.Co

mune E L tollatur; & erit gnomon ¥ T¢.

grroraber. ipfi C zqualis. Cumgq; E A ipfi E B ficz-

P94 qualis,g exit & A Niipli N B zquale, ho

eft.bipl L O,communeaddatur EX, erit-
. q\lﬂ
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i quetotum A X,toti gnomoni ¥Y®¢qua-
s lc:fed gnomonipfi Czqualiseft:eriters
i go&AXipfiCzquale.Ad datiergo AB, - C
i datoreilineo C zquale yarallelo%ram-.
, -mum A Xapplicatum eft, excedens figura iprop.2g.€
, paraliclograma PO fimiliipiD,¢ cum &E,
Lipfi OP fimile fit. Quod oportuit faccre,
Propofitio 30.Probl. 10.
Datam reiiam limeamn terminati ex-
trema acmediayationefecare.
Porteat datd terminatam A B extre-
maacmediaratione fecare.# Defcri. 3764
‘ D batur fuper A B qua-
dratum B C, 8 appli-
ceturg; ad A C paral-
A B lcloggmmum l(’I D,
: uale quadrato BC,
3° ' ‘ Egccdcgs figoraAD
- fimili BC quadrato,
p c ¥ E quz q;acd.ra;ugx I;rit.
3 tquia BCipfiCDz-
4 Ba . quale eft, ﬁo.?ommunc
: . CEauferatur; eritre-
liquum BF relique A Dzquale, funt ve-
: Yo & Zquiangula; ¢ latera ergo ipforum eprop.14.€
BF, A Dreciproca funt circazqualesan-
; gulos seftergovt FEad ED;itaAEad
7 B:&et FEipGAC, hoceftjipi AB
: 7 xqua~

bprop.2ei6

N\

M= N O s

e s
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2qualis: & ED-ipfiAE; quarceft ve BA

P ad AE;ita AE ad E B:dmaior eftautem
A, d'"’ 5. ’ p  ABquam AE:maior
N uplk Ap ergo & A E quam
> P""‘(‘ EB: cft igitur re@a
4"'\* ‘ a '7 .‘. C
g AC s AD ABextremaacmedia
e ;‘ﬂ?ﬁw‘;ff ratione fe&ai ‘c?i E;&
gk o rp : maior portioeR AE.
J L3 .
¢ .7,7";'5' /C:t:,,:m’ Quod oportuit face-
"!,E P C re.
i o3 AV Aliter. Oporteat re-
ﬁf{t{ biom ‘_“?{T, 3o - @am A B extrema ac
L E /T . media ratione fecare:

'M"* efecetur ABinC; vtquodAB B Cecon- .

SR
a';:“ '].;,M,“" tinctur,zquale fit ei quod ex A C quadra-

.+, A € 10.Cum ergo quod A B, B C eentinetur
EwTES zquale fit ei quod ex A C fit quadrato;
v Sorp17.9 feiitviABad AC;ita ACad CB. Ef

Wigne BG £+ €rgo A Bextremaac media ratione {8
/'v ASE £G - fm%»od oportuit facere,

GHfia G Ha /r**‘l’ropoftla;r Th50r~21-'- .

AR s\‘ﬁm‘cﬁ- )

oE e Tt by olﬂt’l‘”gﬂh‘ 'tﬂ‘”g”’“ﬁg“r‘ q~‘ﬂ

/;Lz;t( cva Blatere rectum fubsendente ‘9"‘1’“/' '
oo jgumqua finnt 4 lateribus vecimm co.
; ,‘:;l bominiiE tm,,,,,bw,fml:bw, S ml:terg.

A .— - r*" ond d%r’Pt”Q
TR N 1)""'"/ . Skt
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] SIt wiangulumre@angulum AB Cres
) &um habens angulum BA C. Dico;

vntexBA,
A C (imili-
bus fimili~
. terque de-
31 feriptis, Du
' -~ catur per-
 pendicula- f
| ’ . tisAD,ac- app.b.0.
| » _ - runtq;’ tri-
' ‘angula ABD,A D Ci perpendiculari fa-
- &a,&totiA B C,&inter felimilia. Cum-
' -qucABC, ABD fimiliafint, eritve CB
‘ -adBA,itaA Bad BD, b quandeauté tres b 25,
' funcproportionales; eft ve prima ad térti- propan
> am;ita que 3 prima defcribitur figuraad
+ figuram {imilem 4 fecunda defcriptam. Ve
* ergoCBad BDjitaeftfiguracx CBad fi-
guram ex B A, fimilem fimiliterq; deferi-
; ptam.Eademdecaula,eritve BCadC D;
atafiguracx BCad figuramex CAiErgo -
? vtBCadBD, DC;ita figura ex BC de-
¢ dcriptaad figurasex B A, AC defcriptashi-
s miles,fimiliterq; pofitas: 2qualis eft auté .
1 BCiﬁfsBD, DC;ergod figuraexBC
ssqualis erit figuris cx B A, A Cfimilibus,
: . ' 10Ms .

_ 3‘""])

- id quodfitex B Czqualcefle illis, quz f1- =

.
O T U ——
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fimilitergs defcriptis. InreGangulis ergo
triangulis, &c. Quod oportuit demoan-
cpropav.s.firare, Aliter. ¢ Cum fimiles figarzin du-
plaproportione fint homologorum late-
rum, habebit figuracx B Cad figuramer
- : BAduplam
proportio-
nem eius,
qui haber
51 latus BCad |
. B / ) ) 7 B A. Ha=
e D C bet verd & l
o quod exBC -
' * ‘quadratil, |
 wdquadratum exB A:duplam proportio-
&prop1r:s. nem eivs quamhabetBCad BA 4 Ve er “
‘ gocltfiguraexBCad figuram exBA ;in |
-eft quadratum ex B Cad quadratiiex AB. |
Eademdecavfacht,vtfiguraex BCadfe
guram ex CA ; ita-quadratum ex B Cal
quadratumex CA. Eft ergo vt figunc
) BCadfigurasex B A,A Cjitaquadratom (
P9¢#71ex BCadquadratacxB A,AC. Sed ¢ qus
-dratam ex BC eft #quale quadratis exBA
, AC:Eft ergo&figuraex BC zqualisfi-
* gurisexBA, A C,fimilibusfimiliver-
i quedefcriptis. Quod oportuit
« - demonfirare,

Propo



"LIBER VI . 9%
., Propofitio 32. Theors22. -
, 8édwo srianguls duo laera diobus la-
s2eribmy proportionalia habensia, adv-
 Sum angninm componantur,itavs lee - oo
sera bomologa fint parallela,reli. . '
gualateraindireGium erunt
, sonflituta. -
: Int triangula ABC, DC E habentu _
' duolatera BAA C, duobus DC, D E

roportio

‘ A > :ahf Vr
- ABadAC;

b 1. N3z| \. iuDCad
A Y "\ DEfintqs
F; B K —Etam AB’

~ DC,quam
¢ ACDE panllcla;cho CEipfiBCindi~
‘; re@um cffe.Cumenimin A B,D Cparal- \
" letas re@1 A Cincidat, aeruntangulial- ap”[,u.r}
ﬁtcrmBAC,ACquuaIcs.Eaclem ecau-
% £2 & CDE,A CD zquales erint: vnde &
* BAC,CD E zquales funt, Cit igiturduo
» tuangu[aABC,DCE vnumangulum qui
* eftad A,vniqui eft ad D zqualem habe-
¢ ant, & circa zquales angulos latera pros
¥ Portnonaha,vthA ad AC,ita CDad DE, bprep.6. 45
5quungula crut.anguh 1gltutABC,DCE
p zqua-
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¢quales funt.Oftenfi autem funt 8 ACD,
B A C zquales. totus erge ACE duoby
ABC,BAC eftzqualis: communis A C
addatur,& erunt ACE, ACB zquales hi
_cprop3al BAC,ACB,CBA: ¢ fed hitresduobus re-:
&isfuntzqualestergo & ACE,ACBduo-
bus refiszquales erunt. Ad pun&um er-
go Cre@z ACduzreGzBC,CE ponad
cafdem partes pofitz, angulos deinceps
A CE, A CB duobusre&is zquales faci-
droprgits ot sin ddireGum ergo ¢ft BC,ipi C E.
- Si ergo duotriangula,&c. Quod oportuit
demonftrare.
Propofitio 33.Theor.23.
In aqualibus cirenlis anguli eandé pn.
porsionem habent , quam peripheris, |
guibus infiftunt ,fiuc ad centra, fiued
o peripherias conflithti infiffams.
AR Quin & feclores ,quippead
' centra conflituti.
N zqualibus circulis ABC,DEF ad cé:
tra G, H conflituti fint anguli BGC*
EHFad peripheriasBACGE D F. Dict
effe,vt BC peripherisad EF peripherian,
itaangulum B G C;ad angulum EHF ;&
BACad EDF; &infuper BGCfeGoréad
EHF {¢Gorem.Ponantur peripheriz BC
. &qui
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,:S-' | r -A- D

(& '

' N——L N

OISk %
B < \ EF

AR e

gquales quotcunque deinceps CK, K L
s peripheriz EF quotcunquezquales F M,
;M N,ducantorque GK,GL;HM, HN,
Cun ergo petipheriz CB,C K, KL 2qua-
lesfint, gerunt & anguliBG C, C g
K GL zquales; quam multiplex ergoeft
peripheria BL peripheriz BC, tam multi-
¢ plexeftangulusBG Languli BGC. Ea-
g demdecanfaquam maultiplex eft periphe-
, xiaN E peripheriz EF , tam multiplex eft
angulus N HE anguli EHF.Siigitur pe-
" ripheriz BL, EN 2quales funt, erunt&
¥ anguliBGL, EHN gquales: Et § peri-
v pheria BL quam E N maioreft,erit & an<
gulus B G Lmaiorangulo EHN;et fi mi-
nor, minor. Cum igitur quatuor fint ma~
o gnitudfncs,duz peripheriz BC, EF, &
¢ duoanguliBG C, EHF;acceptzg; fint
; peripheriz BC &anguli B GCzque mul-
; tiplices peripheria B L, &angulus BG L
, Peripherizvero EF &anguli Ig HF peri-
pheria E N & apgulus EHN, demon-
pheria N & avgulus £ 1IN, deorgte

K) w’l.’a‘:

ity
T
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Bratunique fi fi peripheria B L maior fic
peripheriaEN, &angulum BG L angu-'
lo EHN maiorem cffe ; & fi zqualis -
bAsf5.5. qualem;fiminor,minorem:b Eftergowt
Cperipheriaad peripheriam EF;itaan-
. gulus BG C ad angulum EHF. Sed ve
orop.a5.5. BGCad EHF; ¢ita et BACangulus |
ad ED F angulum, vterque enim vriuf-
qiaédﬂpluse%l: ergove BCad E F;itach
BGCadEHF;&BACadEDF.Inz.
qualibus e;?lc:. circulis, 8ic. Quodopor-
tuicdemonttrare. -

_ °
. E F B C
Dico praterea,vt eft BC peripheria ad EF
eripheriam ; ita effe G B C {eGorem al
‘ FEfeGorem. Ducantur BC, CK;jace |
* ciphanturg; peripheriarum BC, C K pun-
&1X,0,& ducantur BX,XC,CO, OK’
Cum ergoduz BG,G C;duabusC\G, Gk
" =quales fint, angulofque zquales cont
dprop. #.1. neant; d erunt & bafes BC, CKzquales
igitur & triangula B G C,|G CK zqualis
erunt; cumque peripheriz BC, C K fint

~
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1 gquales, erit & reliqua B A C peripheria

# B X C angulo COK #qualiserit,

¢ tionesergo BX C,COK fimiles funt, &

# reliquz CAK zqualis;ecrgo & an;ulus ?7'?0"7.:3
'por- £def:fR. 3.

~ funtfuperzqualibus reé&is B C,CKig cir- gf’rp,. 203

! culorum autem portioncs fuper zquali-
§ busredtis conflitutz, zquales funt :por-
/ tionesigitur BX C, COK zquales funt.
! Suamt verd & triangula BGC,GCK -
' qualla ; totus ergo feGor BGC toti GKC

eftzqualis. Eadem de canfa, eruntfeGo- -

e GKL,GKC ¢quales: tres igitur fe-
. &ores B G C,CGK,& LK zquales funt.
" ¢adem decaufa,erunt & tres HEF,HFM,
',< HM N zquales. quam multiplex ergoeft
\ perlpheriaB L peripheriz C B, tam mul-
?, tiplez eftfe@or G B L fectoris G B C. Ea-

( dem decaufaquam multiplex eft periphe-

¢ tia EN peripheriz E Fytam multiplex eft
y feGor HE NfeQorisHEF. Siergope-
. sipheria BL maior eft peripheria E N,
”Cl erit& {c&or B.G Lmaior fctore EFIN;
1 Et fi zgualis, zqualis ; & fi minor, mi-
¢ nor. Cum igitur quatuor fint magnitu-
gdines,dug peripheriz B C, EF, & duo
«fe&ores G B C, E HF; acceptzque

finc peripheriz BC, & f{e&oris GBC,.-

jeeque multiplices BL periphgria, & GBL
(fe&or. Peripheria verd EF, & feQoris
T a 4 HEF&
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’,'\ Slnt in circulo DCB, latera BC decago-

N
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HEF,peripheria EN,& feGor HEN ; de-
monftratumg; ficfi BL maior fit quiEN;'
& fe@orem B G L maiorem efle fe@ore
EHN;& fizqualis,zqualem;fi minor mi-
norem. g eritve peripheriaBCad EF pe-

ripheriam;ita GBC{eGtor ad IEE {e&to-

rem, Manifeftii ergoeft, effe, veeft {e&or
ad feQorem, itaangulumad angulum:

Exlibro 13. Euclidis,

Propofitio 9.
Silatera hexagoni & decagoni cidem
circwloinfcripta coponantur , evit soté
capofisa propertionaliter fecia.

niyAChexagoniindire&a pofita. Di
~ ¢atotd A Bin Cpropor-
A tionalitereffe fegifl;oz‘-

« Joremq; portionem effe
AC. Sumpto enim cen-
BtroE. jungantur relz;
~ EB,EC, EA, pducatur-
que EB in D. Quia gt

turBClatus eft decagoni:
aquilateri,erit peripheria BEDquintuph
peripheriz CB:igitur C D quadrupla e:rt
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1 etu{dem CB.Vt 4 verd peripheriaCDad , prop.33.6

5 peripheriam C Bsitaeftangulus CEDad

; angulum CE B:Quadrupluseftergoan-

; gulus CED anguli BEC, Et quia bangu- bprop. 5.1

. lus EBC zqualiseft angulo BCE, erit " -

- eangulus DEC duplusanguli ECB,cum- cprop-3e.5.

. que EC re@z C A fit 2qualis (viraque.

E enim eft zqualis lateri hexagoni circulo A

' BCDinfcripti)derit & angulus CEA an- dprap.s.1.
gulo E A Czqualis; ¢ duplus ergoeftan- eprop.a.1.

'b gulusBCE angyliCAE; fed anguliBCE .
duplus oftenfuseftangulus CED: qua-
druplusigitur eft angulus CE D anguli

, CAE.oftenfuseftautem 8 angulus CED

. quadruplus anguli C E B: zquales ergo

" funtanguliCAE, BE C.Triangulorum

i autem ABE, ECBangulusEBCeftcom-

_munis; f eritergo & reliquus AEB, reli- forop.327.

C[ quo ECB zqualis.Qugretriangula ABE,

* CBE funtaquiangula: g eftergovt AB gprop.g.0,

tad EB: itaEB ad CB. 'Eftvero BEipfi

“ AC zqualis;igitureftviABad AG;itaAC,

" ad CB: Maiorautemeft AB, quam AC: '

¥ higitur & AC quam CB.Quocirca ABin hsrep.r4

: (% feGacft proportionaliter, & portio '

’  maioreft AC.Quod demon-

: firare oportuit,

: B30 N

f T3 Pro- -
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Propofitio 10. \.

Si cirenlo pentagonum equilaterum
inferibatuy, lasws pentagonipoterst,& |
latws hexagons, & lases decagomsses-
demcirculoipferiptorsm. ’

Sto circul®
' ABCDE,
© cui peatago-
nem gquilate-
rum ABCDE
| inferibat. Di-
~ co latus péta-
" goni pofle & \
- hexagoni, &
‘ decagoni lat’ \
eidem circuloinfcriptorii.Acceptoenim
- centro Fducatut AFG,FB,& ex Fad AR !
perpendicularis FI,(LI;Q producatucin b,
unganturque A H,HB, rurfus§;abFad
AHagatur gerpendicularis FL, quazink
producatur,iungaturq; HM. Er quiape-
‘ tiphetia A BC& zqualis eft perrpheriz |
-~ apryad.3 AEDG,aquarii A 8 Czqualiseft AED:
eftigitur & reliqua C G, reliquea D G z- ’
, qualis. Eftautem (]:-;D pentago;iB;g Gerr
o Decagoni erit.Et quia AF,FB b 2qua-
E:::;;’," Fes funt,&gz perpendicu?l,qris ELeeric ax?gu-
~ dprop1e.9 lus A F R angulq HF Baqualisyd ideog;
. I X
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- W peripheria A H peripheriz HB. quare
- peripheria A B dupla erit peripheriz HB:
igitur A Hlatus eft decagoni. Eadem ra-

¢ tione AH peripheriaiplius AK duplaeft.
¢ Quiaergo peripheria A B peripheriz HB
- doplaett; peripheriajverd CD periphe-

Yiz AB zqualis;erit & CD peripheriadus .

' plaperipherizH B. Eft verd & C D peri-

' pheriadupla peripheriz C G: peripherig -~ -~ =
- ergo CG,BH zquales funt: fed BHipfius

, MKduplacft,quod X AH. Igitur & CG

s ipfiusHK eftdupla. Eft autem peripheria

, CB peripheriz ABzqualis:ergo tota BG

s peripheria,peripheriz BK duplaefi:e vn- ¢ prop.rr.y
; de & angulus G FB, anguli B FK duplus

i erit.Eft £ vero & angul’ GFB duplusan- fprop. 203
i guli FAB,& gfunt FAB,ABF zquales:cft g s+

;;. §igitur & B F Mangulus,angulo FAB 2- hax.7.t.

{ qualis. Trianpulorumautem AFB, BFM

i commaunis eltangulus ABF: critigitur &

; reliquus AFBreliquoBMF ¢qualis.Qua-

ire triangula ABF,BFM funt gquiangula,

¢ 5 Ergoeft vi ABadBVF;itaFBad BM:iprep 4, 7.

s k re€tangul fiergoreéisAB,BM conten- kprop.c7-#
¢ tumzquale cft quadratoipfiusFB.Rurflus! 27935
14 quoniaAL,LH zquales funt;icdmunis,.

& ad angulosreGosLM;m crunti bafes g, 4 4
{ FIM,MA ¢quales.nVnde &anguli LHM, 0 .5 4 -
L. AMaquales cruntifcd e angulus LAM, oprop.s;: ;
;- S . anga-

y

rd
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angulo HB M eft zqualis : eruntigitur &
' LHM,HBM zquales,& eft duorum tri- i
i ~ angulorum BAH, H A MaogulusBAM
communis: eritigitur & reliquus A HB
§ reliqoo HMA zqualis. Triaugula igicur
! p A H B, H A M{unt zquiangul. p Quare
P2P#6 ot v BAad AHe;cita‘AHad AM.Re&an-
¢ gulum ergogreétis AB, AM conientum, |
qQpreparee gqualc cf§ ql?adrato re@e AH .Often-
- fum ft autem & raangulumreQarum
} tprop.s, AB, BMequale cfie quadrato reQzBF;
ergo reGtangulum lincarum AB, BM,
, cum re&angulo lincarum AB, AM(rqus
I * - funtequaliaquadratototi’ AB)eft zqua-
{ lequadratisipfarum BF, AH;& <ft ABL-
4us pentagoni 3 F B hiexagoni 5 A Hdea
. gonizigitur latus pentagoni poteft & lanw
- 77 hexagoni,&latus decaponieidem circub
~ - inlcriporum,qued erardermon{irapdua
o ERRATA. -
Pag.14.9.13.GELDF p,205.. 2G.GF, I ED:D!
. ?;,pm.n.eg&lm, A fratC\rbsC ﬁ"’"’f"’”"l.
- L ACDBp.s8.mfip.ponaturinter K L lse. AL .6}
o :é; {g inter D, Epomatnr L.p 669,54 4.00.p.75
© o anfipanter DerPipone Mp.ro1$ 9, CEF.pa1pt
Lhcadatrfitp g2 9.54CAPNI45.3 4 Qua
. ,.;yq.G:GI:.l.C.p.-zas.G.7‘.1.MP.;.»'4. infig.Ab
. pro Cpone G.p.1o1; €19 s.infipdecitlitera ¥, Y
ik gnomon JitleBor facilevmielspet;deesT gqut
© lsgera O inter M 69’ X?ﬁ))c_p_dp, P’?f-”’ ﬁ‘. PP
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