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3 AD LECTOREM,

elidemipfum reprafentaruit. Tum deindes
- guonidvix aliqua apparebat tam religiofas
snterpreratio.que na ab Autare, fifua bingua
loguenteandias, licentins fubinderecederet;
optimmum faitik Videbatur fiinLatindk fermo-
nem deintegro couerteretur. Ad eam egopreo-
winciapoftquam aggreffus fus,illud antiquif-
fime cura babui, vt quamlibet fimplics di-
ctione,gennind demonférationem fententiam
ex Grecopror(us exprimeré,fedproinflituta
breustave verbis fre appenfis , vt longioré ali-
enbitireumdultiont panllobreniors gyro col-
ligerem, Pofbersores tamen libvi quinti pro-
pofitiones, quoniam in Enclide defider antar,
fraudsnderit earii locoPappi Alexandrini ex
Commentariis Federsici Commandini [ubfti-
tuiffe. Quinud difficiliores etid definstiones
breniénias notas eo confilio appofus, nesn spfa
featim limine aut berére Lettor, ant alinnde
[ubfidinm petere cogeretur, Denig, nonam &
decsmapropofitiont libri decimitertijideirco
adseci, t fi guis Trinngulors Canonem , hoe
&5t Tabulas Simt_nm,Ta'n‘gmtii &' Secantin, -

<ant codereyant conditas aTypogr aphornm no
‘snfrequentsbus mendis vindicare cuperet,id-

bibells buiss anxsliopoffer, Vale Lelor,¢shis

Laborsbws noftris ad Dei gloriia vtere. Ingolff.
29, Decernb. Anno Chrifts M. D C, XV 1..
‘ T ‘ ELE.
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~ELEMENTO-

RVMEVCLIDIS
LIBRI SEX PRIO-
RES EX GREZCO

fonte tranflati.

EVCLIDIS ELEMENTVM

PRIMY M.

Deﬁmnonc:

Pun&um eft, cuius parsnulla,
2 Linea, longitudo latitudinis expers.
‘3 Linez termini funtpun@la. .
4 4 Refalincacft, queex 2-
Pt - quiali fuis interijcitur pun-
&is.

Superfices cft,quz longitu-
S.7. ’ du?em & latxtgdmemgtan-
tum haber.

6 Superficici termini funt linez,
7 Planafuperficies cft , guz cx xqualifin-
ter fuas lincasiacet.

A; - 8Pla- .



g LIBERL
8 Planusanguluseft,dua-
8 rum linearum in plano &
' mutuotangentium,&non
indire@Gum facentium alteriusad alteram
inclinatio-
In divellum iacere dienntur due lines,
- quandocx ilisfic uwalinea,
9 Silinez angulum coatinentes, r¢Ga
- fuerint,reQilineus angulusdicitur,
A 10 Sire®alineafuperre-
&am confiftens, cos, qui
tleg-  deincepsfuntangules,e-
. unales fecerit, re@us eft
B vterque zqualiumangu-
lorum, Etinfiftens re&s,
- perpendicularis dicitur eius,cuiinfiflit,
Linea AB confiftens fuper C D diciturper-
pendicularis. Anguli ABC, ABD dicuntur
redli, dicuntur quog, angnli deinceps,

11 Obrufusangulus eft, qui
I f-’Z maior eftreGo. A
. 12 Acutus, qui re@ominor

eft. ,
13 Terminus eft, quod alicuius eft finis.
14 Figura eft, quz fub aliquo, autaliqui+
bus terminis continetur.
) Cir¢ulms comsinetnr fub yna linea ciren
sATs,

C

15 Cir-
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‘15 Circulus eft figura
plana,fub vnalinca ¢+
tenta, quz peripheria
B € dicitur ? ad cf:anl: om=
nes linez ab vno pun-
Goeorum, quzintra
figuram funt cadentes,
‘ zquales funt. .
16 PunGum autem iHud centrum circus
1i dicitur. simirsum 4 ‘
_ 17 Diametrus circuli, eft quzdam reQs
linea per centrum a&a, 8 ad veramq; par-
tem peripheriz circuli rerminata; qua 8
circuldm bifariam fecat. nempe linea BC

\\ 18 Semicirculus eft figura
adiametro,&intercepta cir-
— culi peripheria contenta.
[9 & Segmentum circulielt,quod
£\ areQalinea, &peripheria circue
. li continetur. o
20 Re&ilinex figurz funt, que reisli-
neis continentur. Trilaterz,quz tribus;
‘quadrilaterz , quz quatuor; mukilate~
rz,que pluribus quim quatuor lincisre-"
&is continentur. ' '

: a1 Trilaterarum figurarum,g-
) A quilaterym trianguli eft,quod
trialaterahabetzqualia.

Ag s Ifom
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22 Iﬁ)\fccl,cs »quod duotantim 2.
qju{aha habet latera,

3 Scalcnum} »quod omnia
%;ma inzqualia habet late-
, g

’ 14 Trilaterarum praterea figu-
rarum retangulum. triangulum
eft, quod reGum angulum ba-

; \vbet. - '

25 Obrufangulym, quod ghtufum. vz off

Jgnrazs.

26 Acutangulum, quod tresacutos ha-
bet angulos, v funt fignre 21.¢° 22.
- 17 Quadrilaterarum figurard,
Z'7 { Quadratumeft, quod 2(‘1;;]“3-
: terum &a;quiangul_um e
:38 Altera partelongior figu-

Z3 raefl, quz zquiangula quidé,

et | 9 Quianguiaq

st non zquilateract, :

"\ 29 Rhombus, quzzqui-
" \Z9 la&eta,gquiangulavcrbnon
eft.

- 30 Rhomboides, qug op-
. pofita, 8 latera; &angulos
R zqualiahabet; it neque 2~
quilatcraell, nequezquiangula,

. - 31 Reli
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El;[ Reliqua ab his quadrila-
‘ tera,vocentur trapezia.

> {32 Parallele reGz linez
3Z .
»e———4 f{unt, quzincodem plano
exiftentes, & vtring; in infinitum e1c&la,
in neutram partem coincidunt,

Ta‘ﬁ “l@f .

Poftuletur 3 quouis pun@oad quods
uis reGtam lineam ducere.

Ecre&am lineam terminatam in con-
tinuum,& direGum producere.
* Et quouis centro & interuallo circu-
lum defcribere.

Communes fententizfen
axtomata,

1 Quz cidem {unt zqualia , & inter fa

funtzqualia, ‘

2 Et, lizqualibuszqualizadduntur, to-

tafuntzqualia, . ‘

3 Et, {iab zqualibus zqualia tollantur,

reliqua funt zqualia.

4 Eufiingqualibusgqualia addantur,to-

tafuntinzqualia.

s Enfiabinzqualibus zqualia auferan-

turyrcliquafuncinzqualia. :
Co Ag 6 Ex
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6 Et, quz cinfdem funtdupla s interfe
funt zqualia. o

9 Et,quzciufdem funt dimidia, inter fo
funt zqualia.

8. Et,quzfibiiouicem congruunt,intes
fe funt zqualia, ’ , .
9 Et,totum eft maius fua parte.

10 Et,omnesangulire&iinterfefunt -
quales,
qr Ek, {tin duas re@as lineas re@a inci-
dens angulosinteriores,& ad eafdem par-
tes,duobuos reétis minores feceritycoingi-
dentduzillz linegin infinitum protraQe
verfus illam partem, ad quam fuat duo
anguli duobus re&is minores.

12. Et, duz re&z fpacium non conclu~
dunr.

Propofitiones.
Propofitior.Problemar.

Super dataredlalinea teyminasa tri--
angulum aguilaterum confli-
tuere o,

fos SI: darare®aAB,

{uper qua opor-

B |p teattriangulumz~
~ quilaterum confti~
tuere

AP SN "
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were. 4 Centro A;internallo A Bdeleri- , oup.g

batur circulus BCD. Rurfus § centro B, b Pof.z.

interuallo BA defcribatur circulus A CE:
.&ex C, vbifecirculifecantad A, B pun- A

ta,c ducanturre&tz C A, €B. Quoniam ¢p, g,

A centrumeltcirculi BCD, derit AC 2- d4efi g,

qualisipfi A B, Rurfus, quiaBcentrum y

eftcirculiC A E,'¢ erit & B Czqualisipfi ¢ 4/ 14

B A.demonftrataeft autem & C A zqua-

lisipfi A B: veraque ergo € A,C Baqualis

eftipfi A B:f qug aut€ eidem funt equalia, ¢ g0,

&inter fe {un(%]zqualia:igitur C A zqualig ‘

eft CButres ergo CA,A B,B Cfluntzqua-

les.Quaretriangulum A B Ceftzquilates

rum,& fuper re@a A B conflitutd. Quod

facerc oportuit. ' '

Propof.2.Problemas.

cAddatuns punitum. dasa.reiialinea
aqualemreilamponere.. .

: . S‘Int datapun-- -
A &l_la(‘n A, reQa
' ’ rteag
z ad pﬁ@n?A Te-
&ax B Czqualem
ponere. Dueatur
abAadBre@a A
B.fa-




aprep.d.
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€ 2oh.3.
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gdefir s,

fdef.1 5.
wop.1.
%3,

fan.e.
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B.fuper 4 eag; conflituatur triangulum
zquilatcrum(}) A B, b produ&is in dire-
GumipfisDA,DBinE,&F, ¢ Centro
B, interuallo B C deferibatur circulus
CGH, Rurf{us 4 centro D, internallo
D G deferibatur circulus GKL. Quo-
niam ergo B centrum eftcirculi C G H,
¢ eritipli B Czqualis BG.Rurfus cumD
fitcentrum circuli GKL, feritDL -

- qualisipfiD G ¢ c})uarum parsD Acelt z-

qualispartiDB ; 4 reliquaergo AL 2-
qualiserit rcliquz BG. Oftenfa eft au-
tem & B CzqualisipiBG: vtraquecrgo
AL,BCzqualisefipliBG. § Queau-
tem cidem funt zqualia, & inter fe funt 2-
qualia: erga A Laqualisctipfi BC. Qua-
read pun&umdatum A, datz reGtz BC
zqualiseft poﬁta,ALQx,od facere opos-
taie, : ' '
Propof.s.Probl.3.
Datis duabus inaqualibus reitis lines,
&maiore miners aqualem ab-
[eindere .
¥ Intdatzre@zin-
Y zquales AB,&C;
B quaru maior fit A B;
2 qua, minori C -
-y qualem abfcindere
opor-
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bporteat: Sit 4 ad pun@umA,re@2C- 4 prop. s,
qualis pofitas AD. & b centro A,interuale t pof 3.
lo AD,defcribatur circulus DEF.Et quia
Acentrum eft circuli DEF, ¢ erit AE cdetas
zqualis ipfi A D. fed & Czqualis eft ipfi
DA: vtraqueergo AE, Czqualiseftipfi
AD:igitur & A E zqualis eritipfi C.Dua-
busergo inzqualib: datis re@is lineis AB,

& C, a maiore A B, minori C zqualiseft
abfciffa, A E. Quod facerc oportuit.
Propol 4. Theor.1. .
- 85 duo'triangula duo lstera duobus la.
seribus aqualia habuerint, alteyum al-
teri; habuerint autem & anguluman-
gulo s aqualibus /atm’&m contentum,
equalem , & bafims bafi equalem habe- !
bit:eritgtriangulum triangulo aqua- '
le, & reliqui angulireliquis anguli
aguales, quibuseyualialaters
Jubtenduntur,
Slnt duo triangula ABC; DEF, %u;

dvolatera AB,AC,duobusDE,
#qualia habeant, vtramque vtrique, AB
A ipAiDE,&ACi-
b pliDF, &angulit
BA\C ‘é BAC’ angulo

F EDF.Dicoquod -
&
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& bafis B C, bafi E F fitzqualis, 8¢eria -

gulum A B C,triangulo D E F, &reliqut

anguli reliquis, vierque verique, quibus

@qualia laterafubtenduntur,népe ABC

ipi DEF; & ACBipfi DFE. Sienim

® fuperpe- triangulum ABC trisogulo D EF* con-
ratsr.  graat, & Afuper D ponatur ,# congruet
saxd.  ABre@areGzD E.&BipfiE,quod AB
fitzqualis D E,Congruentcigitur A Bi-

pfi DE, congruet & A|Cipfi D F,quod

angulus B A C angulo E D Ffit zqualist

ideo & Cipfi F congruet, quod & A Cz-
yualisfitipfi G F.Sed &Bipfi E congrue=
bat.Quare & bafis B Cbaft EF congruen

Sienim congruente Bipli E, & CipliF,

bafis B Cbali E Fnon congruat,contine-

baxas, buntduzre@zfpacium; b quodfierines
quit.Congruet ergo bafis B Cbafi EF, 8
zqualisilli erit; adeoque totum triangu-

lorn A BC totitriangulo D E F c3gruet,

caxd.  ccig; zqualeerit: congruentergo & reli-
quianguli reliquis,eritque A B Cangulus
angulo,DEF,& A CBipfi D F Ezqualis,

Si ergoduotrianguladuolateradue-

§us lateribus zqualia habue-
rint,&o
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Propof.5.Theor.z.
Yofeelium triangulorum angnli adba-
Jom funt aquales: & produciis aquali-
busreitis ,erumt & angsliinfra
bafims aqwales.

A It trianguld ABGC,
habenslatus AB,las

teri A Czquale. Pro-

_ ducantur in direGum

¥ s \\¢ AB,ACireGzinDi&

E.DicoanguliABC, ¢

mlgulo ACB;&CBD,

ipli BCEzqualemef-

fe. Accipiaturin BD quoduis pun&um

F;8& aauferatur 3 maiori A E,minori A F aprapt,

#qualis A G:J ducantur§; reGz FC,GB. b pog. ,

& cum A Fyipli A G;& A B equalis Gtipfi

A C;eruntduz F A,A C,duabus GA,AB

gquales,alcera alteri,contincni(aue angu- ¢ prop.fute -

lum communem F A G: eeritigitur bafis

¥ Cbafi GBgqualis &triangolum AFC

griangulo AGB.& reliqui anguli reliquis,

alter alceri, quibuszqualialitera fubren-

duntur;nempe ACFiIpAABG,&AFC

ipiAGB. Etquiatora AF coti A Ge-

quabis eft,quarum A Beft gqualis ipﬁ:C;

o erit
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eprop.g.t.
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derit&reliquaB F, reliquz C G equalia
Oftenfaautem efl & F Czqualisipi G B,
Cumergoduz BF, FC duabus CG,GB
zqualesfintalteraalterit& angulusBFG.
angulo C G B zqualis, & bafisB Ccom-
munis, ¢ erittriangulum B F C triangulo
C G Bgquale,& reliqui anguli reliquisal-
ter alteri,quibus 2qualia latera fubtédun-
tur:ergo& angulus FB Cangulo GCB,
&BCF ipfi CBG zqualis erit. Etquia
totus A BGroti A CFoftenfus et zqua-
lis, & CBG ipfi B CF; erit ergo & reli-
quus,AB Creliquo ACB gquakis:& funt
ad bafim trianguli A BC; oftenfuseftau-
temFBC angulus s angulo GCBzqua-
lis, & funt (ub bafi. Jlofcclium igiturtri-
angulorum anguli ad bafim gquales funt,

& produis zqualibus lateribus , etiam

anguliinfrabafim.Quod demonftrare o«
portuit. :

Propofi6. Theor.3.

Si trianguli dao angali aquales fue-

vint,erunt ¢rlateraequales angsulos
Jubtendentia,aqualia.

Slt triangulum A B Chabens angulum

ABC,angulo A CBzqualem. dico &
latera
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latera A B, A Czqualia cffe. Sienim funt

inzqualia,erit alterti maius,{ic maius A B.
a Auferatur amaiore AB, minori A Ce- 3rop 3.0

A qualis DB,ducaturg; DC,

_ Cumergo DB,AC zqua-
A les fint , communis verd
B BC; cruntduzDB BC,

» duabus A C, CBzquales,
altera alteri,& angulus D B C zqualisan-
gulo A CB:bigitur & bafis D C, bafi A B bprop.s.s.
erit 2qualis,& triangulum ABC, triangu-
lo D B C,minusmaiori, ¢ quod eft abfur- c#%.2,
dum;ndigiturin zqualiseft A B,ipi A C:
ergo gqualis. Quarefi trianguli duoangu-
lizquales fuerint , erunt & latera,zquales
angulos fubtendentia, 2qualia. quod de-
monftrare oportuit.

‘Propof7.Theor.4.

Supereademreiialines, duabus rectu
lineis , aliaduereiianquales alteraal-
teri,mon conflitnentur, ad alind atque
alind panclums , ad eafdems partes,
eofdemd, cum primd duitis ter-
minoshabentes.
SI enim fieri poteft conflituatur fuper

cademrc@a linca AB, duabus reGis -
B AC,



oQrop.san.

13 TIRER & .
od .AC,CB,duxaliz AD,DB

N\ zquales, alteraalteri, ad a-
o , \ liud atque aliud pun&um
N C & D ad cafdem partes

: B C,D;cofdemterminos ha-
bentes A, B, quos primz tita, vi C Aipfi
D A, cundem cumh ipfaterminum A ha-
bens, CB verd ipfi D B, eundem cumilla
terminui B habens, {itzquilis , & duca-~
tur CD. Cum ergo A C fit zqualis ipfi
AD, «crit&angulus A C D zqualisan-
gulo A D C: maiorergocftA D Cangu=

lus ,{ angulo DCB : multo ergo maior

CDB. Rurfuscum C B zqualis fit ipfi

DB, erit&angulusCDBanguloDCB

bav.s.

zqualisioftenfus autem et multoillo ma-
ior. b Quod fierinon poteft. Nonigitur
fuper cadem re&a linca duibus re&isli-
neis, aliz duz re€tz zquales, alteraalteri
conftituentur ad aliud atque aliud pun-
&um, ad eafdem partes, cofdem cam
primo du&is terminos haben-~
tés.Quod demonfirare
oportuit.

0TS

Pro«

e el — o e
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~ Propel:8. Theor.;.
S5 duo trianguls duo latera duobusla-
Leribm aqualin habuerint, babuerins
werd & bafimbafi agnalem , habebunt
guoque angsilum agualibuslate.
 tibus contentumiingnlo
ugsalems.

WA,

Slnt duotriangula ABC, DEF, qua

habeantduolatera A B, AC, duobus

DE, D Fzqualia, altefumalteri, nempe

- ABjpfi DE,& ACipfi DF;habeant §uo-

quebafes BC, E Fzqualesi Dicoquod &

angulus B AC,angulo EDF fitequalis:

Coongruente chim triangulo ABC,trian- .
uloDEF;pofitod; B fuper E,& ré&ta BC

%uper EF; « congruet & CipfiF, quod ety

B C, E F zquales fint, Congruenteigitur ’

ipfaBCipfi EF,congruent&B A, C A,

ipfis E D,D F.Quod fi congruat quidem

bafis B C)blﬁ EF:atB A\) A Clatera ipﬁsa .
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E D,DF,noa congruant,fedalid cadant,

bprep.7. 1. vt funt EG,GF,b conflituéeur fupereadé

. - reGadoabusre&lis, alizduzreGtzzqua-

les, alteraalteri, ad aliud atquealiud pun-

&um,ad eafdem partes, cofdem terminos

habentes.At non conflituuntur. Non er~

gocongruente bafi B C,bafi EF,n5 con-

gruent B A,AClateraipfis E D,DF:con-

graent ergo.quarc &angulus BACan-

ulo E D F congrust, cique zqualis erit.

iergoduotriangula, duelatera duobus

lateribuszqualia habeant, alterum alteri,

habuerint verd & bafim] bafi zqualem,

habebiit qucg; angulum equalibuslate- -

ribus contentum,angulo ¢qualem.Quod
oportuit demonfirare.

Propol s.Probl.s. ‘
Datum angulumyeiiilinenm bifa-
riam fecare. *

A Itdatusangu-
lusre&ilineus
BAC,quemo-
porteat bifariam
fecare. Accipia-
tur quoduis pii-
'\€  &umD. Atque
apropate aex ACipfiAD zqualisauferatur AE: &
fuper




LIBER L 2
fuperduftam DE, b conflituatur trian- g ppeps.r:
gulii gquilaterum D EF, & iungatur A F,
DicoangulumB A/C re@a AF bifariam
fecari. Cum enim A D, A E zqualesfint,
communis A F;eruntduz D A, A F,dua-
bus E A,A Fzquales;alteraaleeri,cft verod
& bafis DF bafi EF gqualis: ¢ ergo&an. ¢prop..1.
gulusDAF, angulo E AF zqualis erit. :
Datus'ergo angulus redilineus BAC3
re&a A Fbifariam fecatur, Quod facere
oportuit. . )

Propof.7.Probl. s,

) Datamrectam finitambifarians
Jecareo,
Slt datare@afinita AB,

qué oporteat bifariam
: fecare. Conflituatur fuper
A Billa triangulum equilaceri

D ABC, s& feceturangulus g pmp.g.1,

A CBbifariam re@iCD. Dicore@am

A B,in D bifariam effefe@am.Cum enim . .
AC,CBzquales{int cdmunisC D:erunt .
duz A C, C D,duabus BC, CDzquales,
alteraalveri,&angul’ ACD angulo BCD

~zqualis: b igitur & bafis A D zqualiseft , P 400

bafi BD. data ergo re@a finita AB in D

fc&a et hifariam,quod faciendum erar.

: B3 Pro-



apra.at.
bprop.ss.

cprep.8.r,

ddefi1e,

2t LYIBER L

Propofi1 1. Probls.
Buteretielineeexpunito in ills dato
lipeamvreitam adangulosrecios
ducere.

¥ . Q1T data re@a

? AB,datumin
illa pun@um C,
oporteatq; ex C,

— & ipfi AB re@am
lineam ad angulos reGtos ducere. A ¢cipia-
turin A C quodtis pun&um D, & # po-
naturip{iC D zqualis CE, b caftituatur-

que fuper ED triangulum zquilaterum
%DE,& ducatur FC.Dicoad pun&um C
datx reétg A B adangulos re@os efledu-
&amF C.Cum enim D C,CE fint ¢qua-
les, FC communis;erunt duz DC,CF,
duabus E C, CF zquales,alteraaleeri: fed
& bafis D F, zqualiseft bafi E F: erit ¢ er-
go 8tangulus DCF 2qualisangulo ECE;
& funtdeinceps, d Quandoautem re&a.
fuperre®am confiftens, eos quideinceps
funt angulos, gquales fecerit, refus eft
vterg; #qualium angulorum:; reQiigitur
funtanguli DCF,FCE.QuaredatgreCte,
ex pii@oinilladato, ducts efl ad angulos
fectos re@a F C. quod facerc opartuit,
Pro-

(TOYED .
\:@ RON'\q A
Ry s Y
R0
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Propof.12.Probl.7.
A4 daraminfinitam,apunitodase
extraillamperpendicslarem
rectam ducere,

: Sltdata recka infini-
taAB,pun&iiextra

illam C. & oporteatad
retam datam A B ex
gpun&te C,quod inilla

0 £ noncft, perpendicu-
larem re@am ducere. Accipiaturadalte-
ras partes reCte AB,quoduis punétii D,&
& centro Cinteruallo € DcireulusEF G 4,4,
defcribator, b diuidauwirque EGinHbi- p 210,101
" fariatn,du@isre&isCG,CH, CE.Dico
" quod ad datam infinitam A B, 3 punlo
extraillam dato C, perpendicularis ducta
fit CH, Cum enim G H, HE fint zqua-
les,H C communis: cruntdue GH,H C,
duabus EH,H C zquales, alteraalteri;
¢fed & bafi CG,bafis CE,eftzqualis;crit ¢ dofig.
d ergo & angulus CHG anglﬁo EHC dprepbss
zqualis, & funtdeinceps. e quando autem edef s00
reQafuper re@i confiflens, eos qui dein-
ceps funt angulos, zquales fecerit, reGus
eft vterque zqualium angulorum, &iafi-
flens linea , perpendicularis djcitye cius,
B 4 cui
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ABCuribus DBE.EB A,AB Caquales.
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cuiinfiftit. Quarcad datamireQam infi-
nitam AB i pun&o extra illam dato G,
perpendicularisdu&aeft, CH. quod fa-

cercopoitebaz,

‘Propof.13. Theoss,.

LQuando linea recta fupr reétin eon-
fiftens,angules facit;aut duosre-
étos, aut duobusreltis agua-
Aesefficit, -

E&a enim quzdam

A RA B, fuper &3 CD

coufiftens, angulos faciae

- CBA, ABD, dicoillos,
autduos re€tos, autduo-

" busrcétiszqualesefle, Sienim CBAipfi

ABD,eft zqualis,duo are&i fudt.Sinon:
ducatur 3 pun&o B ipfi C D adangulos
reGos,BE:bergo CBE,EB D duoredti
funt.Etquia CBE duobus CBA,ABE,
zqualis cft, i apponatur cdmunis EBD.
cruntduo CBE, EBD, tribus CB A,

‘A BE,EB Dequales. Rurfus¢@iangulus

DBA, duobus DBE, E B Azqdalisfit,
fiaddatur cdmunis ABC;eriit duoDBA,

ften-
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Oftenfum eftautem8duosCBE,EBD
#{dem tribus, zquales effe. ¢ Qu autem Co*.r-
ddem funtzquaha, &inter felunt zqua-
a:duoigitur CBE, EB D zqualesfunt
duobus DBA,ABC:{fed CBE, EBD
re&i font : igitur D BA, ABC duobus
reis aquales. Si igitur recta fuper re@a
confiftens;angulos fagit,autduosrecos,
aut duobus re&is zquales facit. Quod o-
portuit demontftrare. ‘

Propofitio 14. Theor. 7
Siadreétam alignamlineam , atquead. -
- puncium inilladatum,duereiie non
ad eafdem partes duile angulos, qui

deincepsfums,duobus yeitis aquales
feserint, in direcium erunt
' ilelinea.
DreQam A B, &ad pun@umin illa
datum B,duz re@2BC,BDnonad -
cafdem partes pofitz, faciant angulos de-
inceps A B C, AB D,duobusreéis zqua-
les, Dico BD ipfi CB in direGum cffe.
QuodfiBDipfiBCnd
fitin direGuw, fit BE.
o Bt e
z CBE infiltar, qeriit gop0.14.0,
anguli ABC, ABE s
Bs dug
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duobusre&isgquales,Sunt verd &z ABCs.
A B D duobus re&is zquales : anguliigi~
- turCBA, ABE funtangulis CB A,
- ABD,zquales. Commusis A B Caufe-
berg.  ratur: b reliquus erge A.-B E, reliquo
¢ex.2.  AB.D cltequalis, minor maiori,¢ quod
fieri nequit, Non ergo BE in diseGtum
eftipfi BC. Similiter oftendemusnullam
aliam cffe, preter B D : in dire@um ergo
eftB D, ipft CB. Siergo ad reGtam, & ad
pun@umin ea,datum duz reGz non ad
cafdem partes poficz, angulos qui dein~
cepsfunt, duobus reQtis xquales fecerint,
in dire@um erunt ille duz linez.quod dé-
monftrare oporeuit. '

Propofitio 1 5. Theor, 8.

Sidusreilefeinuicemfecuerint,angsia
los ad verticem aquales
facient.

E&z AB, C D,fecent
"AN.fe in E pun&o. Dico
quod tam angulus AEC, -
apgule D EB,quamnCEB
s 3';qulo A ED =zqpalis fie.

‘ Cam enim reGa AE sefte
C Dinfitas, faciésangulosC E A\AED:
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aeruntipfi duobusreétis zquales.Rurfus
cum re&a D Ere@z A Binfiftar, faciens gpropts s,
angulos A ED,D EB,bcrunt &ipliduos bprepygure
busre&is zquales. Oftenfi autem funt8e
CEA, AED duobus re@is zquales:
QuareduoCEA, AE D,duobusAED, .
D E B zqaales funt. auferatwr communis
AED: egoreliquus CE A, reliqua ~
BE D ¢qualis eft.Pariter oftédetur CE B,
DEA 2quales effe. Si ergoduz reGzfe
inuicem fecuering,facient angulos,quiad
verticem {unt zquales.Quod demonftra-
reoportuit.

Propofitio16.Theor. o.
Omnis triangsli vmo latere produtia,
exterams angwlns vivolibet interno,

& oppofito masorefs,

SI:_ triapguli ABC, -
& vnumipfiuslatys
- B C in D producatur.
* - Dico anguhim ‘exter-
aum ACD maiorem
efle interngs & oppofi-
tis CBA,BAC. e Bi. 22r5¢.10.4
~ fecetur ACinE,& du-
&a BE producatur in
- Pa ﬁt,':
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F, fitque ipli B E zqualis EF, fungatur.

CF, & producatur ACin G.EtquiaAE

. . ipfl ECeftzqualis; erunt duz AE, EB,
dl::abus CE, EFzquales, alteraalteri; 8

bprep.as.s. ingulus AEBjanguloF E Ceftd zqualis,
cprop.¢.1. funt enim ad verticem: ¢ igitur & bafis
AB, bafi F C zqualis erit, & triangulum

A BE triangulo FE C; adeoque & reli-

qui anguli reliquis, alter alteri, quos -

qualia fubtendunt latera : Erit igitur, &

angulus B A E angulo E CF zqualis; cft

des.9.  dautem E CD maior,quam ECF:Ergo
& A CD maioreftquam B A E. Parimo-

dofe&o B C latere bifariam demonftra-
biturangulus BCG, hoc eft, ACDma-

ior cfleangulo A BC. Omnisergotrian~

uli vno latere produto externus angu-

ﬁ:s vtrouisinterno,& eppofito maior cfl,

. quod oportuit demonftrare,

Propofitio 17. Theor.10.
Omnis trianguli due anguli duobus re-
¢t minoresfunt , quomodocun-
i o quefumpti,
, A S Tt triangulumABC.,
. Dico duos eius an- 1
. ﬁulos minoresefleduo
: B

us reGis quomodo-
cunque
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docunque fomptos. Producatur BCin
. Et quiatrianguli A BCangulus ACD
externus, 4 maior eft interno & oppolito 37165
ABC. Si communis apponatur ACB:
erunt ACD, A CBanguli,maiores ABC,
EC A angulis: Sed AC D, ACB & duo- bpropy.c.

us re@is funt zquales: Ergo ABC,BCA
minores.Similiter oftendemustam BAC,
ACB, quam C A B, AB C duobus re&is
effe minores. Omnis ergo trianguli duo
anguli quicunque duobusre&is funt mi- .
- noresyquod gportuit demonfirare.

Propofitio18. Theor. 11,
Omnis triangnli maius lassus masorem
angulwmubtendis.
A : Ittriangulum ABC
habéslatus A Cma-
I8 >P iuslatere AB. Dico& -
.¢. angulum AB C maio-
rem effeanguloBCA. -

Quia enim A Cmaius eft, quam A B;fiat
A Dipfli ABzqualis: & ducatur BD. Et
4 quia trianguli BD C externus angulus 4,04 6.1
A D B, maior cft interno & oppofito Hpripib
D CB,& b zqualis angulo AB D, quod bprep.g.1,
latcra AB, A D zqualia fint, maior ergo

etiam
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etiameft AB D quam A CB: multo ergo
maiorerittotus A B C,quam ACB.Om-
‘is ergo trianguli maius lacus, maiorem
angulum fubtendit.

Propofitio 1 9. Theor.12.
Omnis trianguli masor angulusmasors
~ laterifubtendstur. .

_ ' it teianguli ABC

A habensgngulum
ABCBmaiorcm an-

’ loB CA.dico &

&‘ ' B ® fatus A Cmaits effe

latere AB. Si non:erit AC ipfi AB aut
.. zquale,autminus. Non zquale. Sienim
AP Sk zquale, 4 effct & angulus A BC angulo
A CB zqualis: at non eft: ergo AC z-
uale noneftipiAB. Non minus:ham
. bprepada. i AC minus effee 'quam AB, efletbd
. angulus A BCminor angulo ACB; at
noneft:non ergo A Cminuseftipfo AB.
Oftenfum autem eft,quod nec zqualezet-
go maius. Omnisergo trianguli ma-
ioriangulo maiuslatus
' fubtenditur.

Pro.
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Propofitio z0.Theor. 13.

Omnis trianguliduo laterareliguoma-
iora funt gsomodecumques

fampita.

- P Qlt triangulid ABC,
Sdico dug‘llatera BA,

A C, maiora effe reli=

quo BC;&AB,BCreli-
& quoAC;&BC,CAre-
: liquo A B.Producatur
enimBAinD; fitque re@a DAipiCA
gqualis, & iungatur D C. Cumergo D A
ipfi A Cfitzqualis,erit&angulusADC,
angulo A CD zqualis. Sed4 BCDan- 2445
gulos maior eft angulo A € D; maior er-
%oetiameﬁ BCD,iploADC. Etcum. -

C B fit triangulum habens angulum
BCD maiorem angulo A DC, §maio bareges.rs
rem autemangulum maius latus fubten-
datjerit D BmaiusipfloBC: zqualeau= - ¢
tem eft DB iphis:A B, AC: maicra ergo
funt BA, AC, quam BC, Omnis ergo

trianguli duo latera reliquo maio-

rafunt, quomodocunque
fumpta.

15882

Pro-p
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~ Propofitio 2 1. Theor.14.
Si & termint vnins laterss trianguli
dug vecle intraconfiitusnmar , erunt
be minores reliquis duobus tvianguli
Iateribus , at maiorem angulum
continebant.
terminis lateris BC
A .Atrianguli A B ¢on-
. E flituantur dax reG2 BD,
\ - CDintra. DicoBD,DC
\  reliquis trianguli lateribug
B S CBA, AC minores efle;at
: angulum B D C maiorem continere,an-
guloBA C.DucaturenimBDinE. Et
spropanl, ® quia omnis trianguli duo latera reliquo
maiorafunt: erunt & trianguliABE, la-
tera AB, A E maiora BE latere.appona-
bexs. tor communisEC,beruntqueBA,AC
maiora ipfis BE,EC. Rurfus trianguli
cprop.20,0. CE D latera CE, ED emaiorafuntlate-
re CD,communisappenatur DB;erunt-
que CE,EBmaiora 1pfisCD, DB: Sed
B A, AC maiora oftenfa funt ipfis BE,
E C; multoergo AB, A C maioraerunt
dpropass. iplis BD, DC. Rurfus, quoniamd om-
nisgrianguli externus angulus interno, &
oppo-
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oppofitoeft maior; erit & trianguli CDE
externus BD C, maior interno CE D,
Eandem ob caufam erit trianguli A BE,
externus CE B,maiorinterno B A C: fcd
& B D C oftenfus eft maior, ipfo CEB: -
multd ergomaiorelt B D C,quam BAC.
Qpare fi 4 terminis, &c. quod oportuit
demontfirare.

Propofitio 22.Probl.8.
Extribusyells , tribus datis rectis a=
gualfbw, triangslumciflitucre. Opor=
tet autemyduas, religud maiores effé s

: guomodammqucﬁgmpta. quod omnis
- srianguli duo latera religuo ma-
sorafint, quomodocung,
Jamantur. ‘
(ot tres re@z, A, B, C, quarum duz -

quomodocung; fumpte reliqua maa
A
St

—Ey

D
' 2z

joresfint,ve A, B,quam C; A, Cquam B;
B, Cquam A. Oportcatautem ex tribus,
’ . tri»
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eribus A, B, C, 2qualibus triangulum c3 -
flituere, Expofita fitre@a quedam D E,
terminata ad D, interminataad E; fitq; @
DFipfi A.F GipfiB; ipfi C zqualis faBta
G H. Defcribatur centro F, interuallo
F D, circulusDKL: Centrovero G ,in-
teruallo G Hcirculus KL Hiungantur-
que FK, KG. Dicoex tribus FK, KG,
G F zqualibus tribus datis A, B, C trian-
ulum F K G efle coftitutum. Cum enim
% centrum fitcirculi DKL, berit F D 2-
qualisipfi FK; fed F D eftzqualis ipfi A;
cergo & F K, erit zqualisipfi A.Rurfusc@
Gfit centriicirculi LKH,d erit GH zqua-
lisipfi GK; fed G Hzqualiseftipli C: e e-
rit ergo & GKzqualisipfi C: Et verd &
FG zqualisipfiB. Tresergo KF,FG,GK
zquales funt tribus datisA,B,C.Quare ex
tribusK F, F G, GK, 2qualibustribus A,
B,C triangulum eft conftitutii. Quod fa~
cercopottuit. ‘

- Prppoﬁrio 23.Probl.o.
Ad datam rectam , datumg,incapun.
&lum dato angulo reclilincoaqna-
lems angnlum reciilivenm
conflitnerer,

e 4
¥,

Sis
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S&Jata re®a AB, datiiq; in eapunQa
A, datus angulus re&ilineus DGE,
Oporteat autem ad pun&um datum'A,
datz re@z A B, dato angulo redtilineo
D CE zqualem angulum re&ilincum
conflituere, Caymnmr in vtraque CD,
zllbet
pun&a
iungatur D E.
# atq; extribus aprep.a s
Fpredlis , quie &
quales fint tri-
bus CD, DE,
¥ C, triangulum A FG conflituatur:ita
vt C thuahsﬁnpﬁ AF;CEipfiAG;
DEipfi FG. CumergoduzDC, CEe-
ualcs fint duabus F A,A G, alteraaleeri}
?t verd & bafis DE zqualis bafi FG; berie bprep. i2i
&angulus D CE zqualis gulo FAG _
Quarcad datam re@tam AB.datumquein
ea puntum A, datg reQilineo angulo
D CE, zqualis angulusreQilincus FA G
eft conflitutus. Quod oportuit facere.

Propofitio 24. Theor.1§.
. Sidwo triamgula diso latera duobsis la-
seribms agualia babuerins, alteram al.
Ca ters,
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- gerss angslums vero angule maiorem,
. qus aqualibus yellis limess conti-
netur, & bafim bafimaso-
© remhabebunt. .
Int triane.

‘ K . gula ABC’
o D E¥F,haben-
o T 3G tia duo latera

. F AB,AC,duo-
bus D E,D F zqualia,altcrumalteri: A B
. quidemipfi DE; ACverdipfiDF. At
- angulus BA C rhaior fit angulo EDF.
Dico & bafim BCmaioremeflebaEF,
: Cum enim angulus B A Cmaior it EDE
#pr%.23.2 angulo,s cenflituatur ad pun&um D re-
&z D Eangulo B A C,zqualis EDG; fit<
~ que wvuique A C,DF zqualis DG, &}iun-
ganwr GE, FG. Quisigitur AB ipfi
- DE, & ACipfiD Gzqualiseft ; erunt
dux B A,A C,duabus E D; D G zquales,
alteraaleeri; efique & angulus BA C, an-
Yprop.#-1 gulo E D G zqualis: Berit igitur & bafis
BC,bafi EG zqualis. Rurfus quiaD G
ipfi D F eftzqualis,& cangulus DFG an-
gulo DGF; deritangulus D F G maior
anEulb EGF: multo ergo maior erit
EFG;iploEGF. Et quia EF G trian-

ePprop.sas
dasg,

gulum



. LIBE R L 3y
gulum eft, habens angulum E F G maio-
remangulo E GF (¢ maioriautem angu- eprgpi1p 8y
lo maius:latus fubtenditur ) erit & latus i
EG maius latere EF ¢ zquale autem eft
E Gipfi BC: maius ergoeft & BC,iplo
EF.Si ergoduotriangula,&c.quodepote
tuit demonttrare.

Propofitioz . Theor.re6..

Siduo trianguladuo laters duobus le-
2eribus aqualia babucrint alterum al-
2eri, O bafim bafimasorem , & angn-
lum angulo,quiaqualibus laseri-
 buscontincsni,maiorems
. habebunt.

.A.. D Sintduotﬁnn -

- MRLABC,DEF,
duolateraAB,AC,
ot g duobus DE, DF

‘ * habétia #qualia, al-
~ terumalteri,ABipfi DE, & A Cipfi DF:

Bafim vero B Cmaiorem bafi EF. Dico

& angulum BACangulo E D F maiorem

effe.Si non:aut zqualis eft,aut minor. N§

equalis; Nam i angulo B A C,angulus’

E D Fzqualis effet,« effer & bafis BC,ba- 2prep.4: 17,
fiE F zqualis; at non eft; noa ergo an- .

' G3 gulus
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gulus BAC angulo E D F eftzqualis. Sed
. bprepag.a neque minors nam fi minor effet, bcee
& bafis BC minor bafi EF: at noneft:
non ergo angulus B A Cminor citangu-
lo E D F.Demontftratum eft autem,quod
neczqualis : maior ergo erit. Si ergoduo
tri_angula, &c. (Lt_lpd emonftrare opor-
tuit, - o
Prepofitie 36. Theor.y7.
Sé dwo trianguls duos angulos dwobus
wngulis aquales babucrint, slterum al-
seri, ¢ vnum latus vmilater cglule',
Seuguod qultha angulis adiacet, few
guoduni equelium angulorum fubsen-
- ditur ; @ reliqualaterareliguis laseri-
bus,alterwm alterisGrreliquum an-

#M}“‘: qito angulo,aquafers
5 S f_;ﬁcb,elm:t.
D & InTduo

o triangu-
la ABC,
< ¥ F DEF,duos

angulos ABC,B C A,duobus DEF,EFD
#quales habentia, alterum alteri, ABG
quidemipfi DEF,& BCAipfi EF D: ha-
beant verd & vaum lasus v lateri zqula-

Co
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~ le. Etprimo quod zqualibus angulis ad-
facet,nempe BCipiEF. Dico quod &
reliqualatera,reliquis ¢qualia habeant,al~
terum aleeri,A B ipfi D E. A Cipfi DF,&
reliquumangulum BA C reliquoEDF.
Quod i AB,DE inzqualia fint; vnume-
xitmaius, Sitmaius A B: #fiatq; ipfi DE aprepp i
zqualis G Blinea,& ducatur GC. Cum
}gitul‘ tam BG,DE; qui EF,B C zquales
intyeruntduz BG,B C,duabus DE,ER
aqualcs,alteraalteri; & angulus GBCan- ..
gu o DEFqualis:b eritergo & bafis GC bprepged
afi DF zqualis,& triangulii G C Btrian-
gulo D E Fzquale,rcliquique anguli reli-
quis,alter alteri,quibus gqualia latera fub-
tenduntur. Quareangulus G C Baqualis
eritangulo DFE:fed & D FE ponitur z-.
qualisipfi B C A : erit ergo B C G zqualis
ipiBC A, minor maiori, quod fierine- |
quit: n3 ergo AB,DEinzquates funt: er-
gozquales. Bltvero & BCipi EF zqua-
his:duz ‘?"50 AB,BC zquales {unt duobus
DE,EF,alteraalteri,&angulus ABC an-
gulo DEF: cergo & bafis A Cbali D F.& ¢prap, 4, 1+
' rcli?uus angulus BA Creliquo E DF2- '
qualis erit. Rurfus fint latera zquales an-
gulos fubtendentia, AB,DE zqualia,dico
- &reliqua latera,reliquislateribus,vt A C,
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DF.&BC,EF, reliquumqué angulum
BAC,reliquo EDF,zqualem effe.Sienim

B C,E Ffuntinzqualiajerit voum mainss

8prop-2-1. Gt fi fieri poteft,mains BC,& dfiatipfi EF
zqualis BH,iungaturq; A H. EtquiaBH
iph E F; & A Bipfi DE 2qualis cﬁ:crunt
‘duz A B,B H,duabus DE,El:zqualcsl,al-
tera alteri, continentq, angulos zquales 5
LT balis crgo AH,bafi SF ef zqualiz,& tri-
angulum ABH triangulo D E F,reliquiq;
angulireliquis,alter alteri,quibuszqualia
litera fubtenduntur, zqualeserunt. Eft
igitor angulus BHA gqualisangulo EFD:
fcdEFD zqualiscftangulo B C Azcriter-

go& BHA zqualisipli BC A, Trianguli .

ergo AHC externusangulusBHA zqua-
€prop-16.1- 1is et interno & oppolito BC A,fquod

fieri nequit: igitur B C,EF inzqualesnd ‘

funt; 2quales ergo. Cum verd & AB,DE
fint zqualcs: erunt duz A B, B Cduabus
DE,EF zqualesiltera alteri, zqualefque
gerop s angulos continent: g ergo & bafis AC ba-
" fi DF zqualiseft. & triangulum ABC tri-
angulo DEF, &reliquus angulusBAC,
rcliquo EDF. Si ergo duo, &¢

mpd demonfirare opor-
portuit,
@7(0)de=

Prow
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- Propof17,Theor.18.

Siin duas vellus lineas veGlaincidens
angulosalternos equales fecerit,pa-

 ralleleerunt ille linca.
In duasreQasAB,
» — CD incidensre-
L %% QaEF faciat angu-
7% losalternos ALF,

E F Dzquales. Dico A B,CDparallelas
eflc.Sinon; produ&z concurrét, aut ver-
fus partes B,D; aut verfus A, C: produci- .
tur,& concurg;ntverfus partesB,Din G,
a Eltitaquetrianguli G E F angulus ex- aprpac.r
ternus A E Fmaiorinterno, & oppofito
EF G:fed * & aqualis; quod fieri nequit: * bypeo
non ergo A B, C D produ@z concur- thefr,”
tuntverfus partesB, D. Pariratione de-
monftratar, quod nequead partes A, C:
B quzautemin neutram partem concur- bdefsa
sunt, paraliclzfunt: parallelz ergo func

AB,C D:Siigitur,&c,quod opor-

tuit demonfirare. )

Cgs Pro-
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"Bropof.28.Theor.19.
Siimdums reclaslineas reclaincidens,
angulum exsernuminterno,& oppofs-
20, & adeafdemparses, aqualé feceris:
elinternos , ¢ adeafdem partesduo
busreilis aquales,parallels erums
’ - illelinee. .
IN duasre&as AB,CD
g dincidensre@aEF, ex-
=8 ternumangulum EG B,
interno , & oppofito
_ F GHD zqualem faciats
autinternos, & ad cafdem partes B G H.
G HDD duobus re@is zquales. Dico A B,
CDyparallelaseffe. Cum enimEGBan-
*oxhypy. Bulus,*zqualisfir,&angulo GHD, 4 &
thef. angulo AGH; b erit& A G H zqualici-
sproptsa. pi GHD. ¢ & funtalterni: parallelz er-
baw.r, ofunt A B,CD. RutfusecumBGH,
:’"’ -27:I (3 HDduobusre&isfint zquales; 4 fine
' 23l utem& A G H, B GH duobusre@is z-
quales;erunt AGH,BGHiplisBGH,
G H D zquales: communis BGHaufe-
eany  Poturgerit igitur reliquus AGH, reliquo
fprep.a7.0. G H D equalis:f & funt alterni:funt ergo
" AB,CD parallelz. Siergoin duasreQas,
&c. Quod demonftrare oportuit, p

3
t
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Propo(29.Theor.ze.

Relu in paralelas rellas incidens -
, ,uln_ﬁcitugulonhemo:: rexter-
mum interno oppofito, & adeafdemw
partes equalem: rinternos ¢r ad
eafdem partes duobus reitis
aqualesefficit.

l’n parallelas reQas AB,
G C D re&a E Pincidat,
z9 Dico quod & alternos
' angulos AGH,GHD
‘ zquales faciat; & exter-
numE G Bintcrna,& oppofito,&ad caf-
dem partes G H D zqualem;& internos,
& ad ealdem partes BGH, GH Dduo-
busre@iszquales.Sienim AGH,GHD
inzquales funt, vnus illorum AGHfit
maior ;' & quia A G H maioreft quam
G H D,communisaddatur BGH.Hier-
go AGH,BGH maioresfunt hisBG H,
GHD;afed AGH,BGH ducbusre- aprep.s540
&isfunt gquales : ergoBGH, GHD
duobus re@is minores crant. # Quz au-bavss
tem i minoribus quam duobus reisin
infinitum producuntur linezre&z, con-
currint: ergo A B,C Dininfinitum pro-
dullz
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du&z concurrunt: at non concurrunt;
' parallele enim funt: ergoanguli AG H,
- GHD, nonfuntinzquales: igitur zqua-
cprop.15.1. les Porrd ¢ AG Hangulus zqualis eft an-
golo EGB: Ergo& EG B zqualis erit
andulo G H D : communis apponatur
BGH:ergo i EGB, BGH, zquales
funt hisB GH,GHD:dfed EGB,BGH
dprep.13.1. funt zquales duobus reQis: eruntergo &
- BGH,GHDduobusre&is zquales.Re~
&a ergoin parallelas,&¢, Quodoportuis

demontftrare. o

Propof.30.Theor.21.
Quecidemredefuns parallele, & in-
© terfefuntparallele.

It vtraq; ipfarum

A G- B S

patallcla. Dico& A

30 B,CD fle parallelas.
Jucidateniminipfasre@a G K.Etquiaia

;e&as parallelas AB, E Fre@a G Kinci-

it; 4 eritangulus A GH, anguloGHF

P71 gqualis, Rurfus, quiain paragllelas reGas
EF,CDcaditre&ta GK,berit & angulus
GH Fzqualis angulo GK D;oftenius ef}
autem & angulus A GK angulo GHF
: zqua-

b prop.ad s
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sequalis: ¢ ergo & angulus A GK zqualis
er‘ilt anguloé K D:& funtalterni: dq ergo ;;:,';:,:.,;
A B,C Dfuntparallelx. Ergo quz cidem,
- &c. Quod oportuit demonftrare.

Propof,31.Probl.1o.
Perdatumpunitumdatereiialines
pavallelamducereo,

S EX dato pun&o A,.
Datzre&z BC.o-
T porteat parallelam du-

: - cere, AccipiaturinBC
quoduis pun&tumD,iunganturque A,D.
» & conflituaturad A punQumreteDA aprep.13.¢.
angulo AD Czqualis D A E,ducatarg;,
ip(? AEindire@um AF. b Quiacergoin
duasreas BC, EF re@a A D incidens
_angulos alternos EAD, AD C zquales
. facit, erunt B C, E F parallelz.Per datum.
ergo pun&um,&c. quod facere oportuit,
Propof 32.Theor.z2. . = '
Omnis triangali vno laterm&o.
externus angulus, duobus witérmis .
oppofitisest aqualis; & tresinterni
duobusreliis funt aquales.
Slt triangulum ABC, & vnumreiusla-

tus B C producaturin D, Dicoangu-
' lum

b[ro'..q.t;



46 LIBER L _
lumexternum ACD

A Ny gqualem cffe duobus

. internis, & oppofitis

2 . CAB,ABC; &tres
< internos ABC, BCA,

“aprp.r.e. C A Bduobusre&is zquales. « Ducatur

‘ per Cipfi AB reQa parallela CE. Quia

bprep.s7a ergoin A B, CE parallelas cadit A C; b e-

runtangulialterni B A G;A CE gquales,

Rutfus quia A B, CE parallelz funt, & in

eprop-ada. jpfas caditre@®a B D, ¢ eritexternusane

gulus E C D,zqualisinterno,&6ppofito

A BC:oftenfus eftautem& A CEzqua-

lis B A C. Totus ergo A CD zqualis eft

duobus internis,& eppofitis BAC,ABC.

Apponatur communis ACB: & erunt

A CD,A CBzqualestribus ABC,BCA,

Ipmp 312 CAB: d fed ACD, ACB zqualesfunt

: duobusre&istergo & A CB,CBA,CAB
gqualesfunt duobusreétis. Omniser

trianguli,&c.Quod oportuit deméfirare, |

" Propof.33.Theor.2y.
Lincarete,quaaquales & parallelas
lincas adcafdem partes comiungunt, &

ip[a agualesfunt,&rparalicla.
Slm uales & parallclg A B,C D.eas§;

ad caldem partes. coniungant ri&c:




| ' AC,BD. Dico & ipfas

- A 3AC, BD‘parallclos&Fz-

- - quales effe. Ducatur enim

| C. Quoniam AB,CD

€33 ;,D parallﬁ;'lunt, &in ipfas .
incidit B C;'s eruntangulialterni A B C, aprop. 27:s
B C D zquales. Et quia A B,C D zquales
funt; communisaddatur B C; erunt dus
A B, BC,dusbus B C,C D zquales, eflgs
angulus A B C angulo B C D zqualis,
& Quare& bafis|A C, bafi B D zqualise- propgat,
rit,& triangulum A B Ctriangulo BCD;

- & reliquiangulireliquis, alter alteri, qui-

~ bus zqualialatera fubtenduntur, zquales
erunt, Eft ergo angulus A C B angulo

- CB Djzqualis.Etquizinduasre&as AC,

- B Dincidensreéta BC, facitangulos al-

' ternos ACB,C BD zquales;e crunt AC, cprapazae

' BD parallclz: oftélz autem funt& 2qua«

-« les. Ergo lincz reGz, quezqua-

les, &c. Quodoflortuitde-
-t cononfirace,

Fx £
lf@gu <gn Q}{? )

, . ' Pro-
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~ Propof34:Thtor.24.

" Parallelogrammornm paciorum ; gus.
ex aduer(o Grlatera, & angunli, funt
© dnter[c equalia, eaque dis-
- mesrusbifecas,

ES'to ‘parallelogrammum ACDB
diametras B €. Dico parallelogram-
mi A CDE, quzexaduerfo, latera&an-

gulos, zqualig effe ; ea§; diametrum B C

A B Dbifariamfecare, Come-

. nim AB,CD panllelz

. fint, & in ipfas incidat
Sprepaza BC; #crunt anguli al.
| £ terni ABC,BCD zqua-
o les. Rurfus cum A C,B D fint parallcle,82
barep.sz-. inillasincidar B C,b erfit & angulialterni
A CB,CBDzquales.Duoergotriangu-

la A BC, CB D habent duos angulos
"ABC,BCA,ducbusBCD,CBD -

quales, alterumalceri, & voum latas, vai

lateri, quodadiacet anguliszqualibus, v-

- eprop.a6a. trique commune B C. ¢ Quare& reliqua .
- laterareliquis,alternmalteri, & reliquum
angulumreliquo, zqualem habebunt. -
quale ergoeftlatus ABlaveri CD;& A C,
ipfiB D; & angulusBAC anguloBD C. |
Et
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Fteumtianguli AB C,BCD,qui CBD,
A CBzqualesfint: d erit& totus ABD, dax.a.
toti A C D 2qualis. oftenfuseftautem &
B A CzqualisBD C: Parallclogrammo-
rum ergo fpaciorum quz ex aduerflo, &
latera, & anguli; inter {e zqualia fant. Di-
co &diametrum illabifariam fecare.Cum
enim A B,C D gquales,& B C communis
fit:erunt-quo latera AB,BC,duobus CD,
B C zqualidy alterum alceri ; & angulus
ABC zqual}s anguloBC D:¢eritergo & eprop.4.1,
bafis A Cbsfi D B zqualis; & triangulum '
A B Ctriangulo BCD. Diametrusergo
BC, parallclogrammum ABC D bifa-
riamfecat. Quodoportuitdemonftrare,

Propof.3§.Theor.2 5.

Parallelogramma in cadem baff; &rin |
iifdem parallelis conflitura, inter
[efunt agualia.
'SVnto parallelogrima A B C D,EBFC
inbafi BC,&in parallelisAF in BC c5-
ftituta. Dico AB CD ¢qualecfleipiEB
F C.Cumenim A B C D parallelogram-
mum fit;a erunt BC,A D, zqualesican- aprop.gs.7
dem ob caufam E F, B Czquales erant:

dvade &ADipfi E F gqualis erit;& com- bas.s.
T . D munis
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A D B 1 munisefDE:¢
ergotota AEyto-

M ti DF zqualis eft.
e N EfdverswAB
dprop34.1 ipli D Czqualis:

dugergoEA,AB,duab’ FD,DCzquales
epropas.t funtjaltera alteri;fed‘& ¢ angulus,F D C,
aogulo E A Bzqualis eft, externusinter-
Eprep.4.r. 0O:f quare &bafis E Bbafi FC zqualis
" erity&triangulum E A Btriangulo FDC.
ge+3.  Commune D GEauferator;& erit g reli-
quum trapezion ABG D, reliquo EGFC
zquale.Apponatut communis GB C tri-
hars. angulus:b totumergo ABCD parallclo-
grammum, toti EB F Czquale erit:ergo
patallelogrimain eadem bafi, &¢. Quod
oportuitdemonfirare. - -

‘Propof.36.Theor.16.

Parallelogrammain aqualibus bafibus,
Criniifdem parallelssconflisutasin-
ter [¢ funt aqualia, '

SVnto parallelogramma ABCD, EF
G Hfuper zquelibus bafib®, BC,F G;
&ianiifdem parallelis A H, GB conftitu~
ta. Dicoillacflezqualiaiungantur enim
BE,CH. Quiaenim BC, FG,zquales
funt:
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A D E U funt;eflqueFG
\ qualis ipli E H;
g4\ 4 ckit &BCIpfiE 4 0x.r;
29 % Hrqualis:b fint bpropss, &
B C F G verdo & paralle-
I, coniunguntquefipfasteie BE, CH. cprapzsn
- ¢ Quzautem zquales,& parallelasadeal-
dem partes coniungunt,equales&paral- -~
el funt: Quare E B, C Haquales, & pa- drop25.4
rallclefunt:d ergoEB CHeft parallelogra
mum;eflquezquale ipfi'A B C D,quippe
candem cum illo bafim B Chabens; &in
~ fifdem parallelis B C, AH conftitutum,
Eandem ob caufam EF GHeidé BBCH cax:
eftzqualc.e Quare & AB C D parallelo-
grammu zqualeeft E F G H parallelo-
. grammo, Ergo parallelogramma, &¢:
Quoddemonitraré opdredit:

- Propof.37.Theor.27. .
Triangulsfupereadem bafi , & in fif-
dems paraficlis conflitaza, inter fé
N Sunt aqualia, ,
SV.nto triangula AB C, DCBfuperea-
Jdem bafi B C§ & in iifdem parallclis
AD; B Cconflituta, Dico trianguolum
A B C zquale effe triangulo D B C. Pro=
" ducatus AD vtring;ad E,& F; 4 & per B
b )

D ipﬁﬂﬁl’.jl-n' | .
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E A D ipfi CA. perC vg-
roipfi B D,paralle-
le ducitue BE,CF,’

37 \ Vitumg; ergoEB
B Q AC, DBCF paral-

bprop.3s.1 lelogrammii eft:B funtg; quulia;qulirpe

8prop.a4a

3“70

aprop. 3.1,

in cadembafi B C; &intiifdem parallelis
BC,EF conflituta. ¢ Exeft parallclogram-
mi E B CA,dimidium triangulam ABC;
diametrusenim A B ipfum bifecat : Paral-
lelogrammiverd DB CF, dimidium eft
trisngulum DB C; nam diametrus DC
ipfum bifecat. d Que auté zqualium funt
dimidia, & ipfafuntzqualia. Triangula
ergo fuper eadem bafi,&c. quod eportuit
demonftrares ,

Propof.38.Theor.28.
Triangwlafuper equalibus bafibus ; n
iniifdems parallelis conflituta,inter
Jefunt aguslia.

Vatetriangula ABC, D EF fuper 2«

qualibusbafibus B C; EF; & iniifdem -

parallelis B F,D A conflituta.Dicoillaef=

{e zqualia. Praducaturenim A D vtring;

ad G &H.4 Atq; per B,&F ducanturipfis

CA,DE parallelgBG,FH,eritd; vtrumg;
: GBCA

ket



LIBER L <
GBCA,DEFH

@ A DX )
parallclogrammi ,
WN b Et funt zqualia popyy,p¢,
quippefuper zqua- '

[ B CE F libusbafibus BC, :
EF, &iniifdem parallelisB F, G Hcon-

ftituta, ¢ cftquetriangulum A B Cdimi~ cprop.34.4
dium [parallclogrammi G BCA; ipfum

enim diametras A B bifecat ¢ Et triangu-

lum FED eft dimidium parallelogrammi

DEFH;e nam &ipfum diametrus FD bi- cpropz4.1
fecar.d Queautem zqualium funt dimi. de*.7.
dia, &ipfafunt zqualia. Trianguli igitur

ABC eftzqualetrianguloDEF. Qua-

re triangula fuper zqualibusbafibus, &c.

Quod oportuit demonftrare,

* Propof’39.Theor.z9. |

Triangulacqualiafiper eadem bafi, ¢
adcafdem partesconflituta,iniif-
dem funt paralleli,
S Vntotriangulazqualia ABC,DBC
fuper eadem bafi B C conftituta, Dico
illa in ii{dem effe parallelis. Du&aenim
A D,dicoillam effe parallelam ipfi BC. Si
non. 4 Ducatur per Aip(i B Cparallela A aprep. 37,1,
E: iuncta igitur EC, b erit’triangulum bprep.g5.e.
D ABC
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A D ABC xqualctrhr;’gnlo
EBC; funtenim {yper
eadem bafi B C, &iniif~
dem parallelis BC, A E.

g4xt - - B 39 &  Sedtriangulo ABC 2-

quale ponitur triangulum DB C, ¢ erit
ergoD B Ctriangulum zqualeipi EB €
triangulo maius minoti, quod fieri ne-
quit: nonergo A E parallela eftipfi B C.
pari modo demonftrabimus quod nulla
aliaprzter A D. Suatigitur AD, B Cpa-
rallcle.  Quare triangula zqualia fuper
eadem bafi, 8c, Quod oportuit demone
frar, |

Propof 40.Theor.3a. -

" Aequalia triavgula fuper equalibus
bafibus ¢ ad cafdems partescop-
Sssutayiniifdem funt pa-
: rallelss.
P SVnto zqualia trian~
gula ABC,CDEfu-
4.0 per zqualibus bafibus
B C,CE conftituta. Di-~
aprop.at. 1. ‘ v coillaini:fdem paralle-
bprép.j8u lisefle. Sinon: # Ducaturper Aipfi BE
parallelaF A, iun&aerga FE, 5 erittri-
- « angu-

i
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angulum A B C equalctriangulo FCE.
Suntenim fuper zqualibus bafibus BC,
CE, &iniifdem parallelisBE,AF. Sed
triangulum ABCzqualeetiamefttrian-
gulo D CE:ceritergo & D CEipfi FCE cavr:]
2quale, maius minori, quod fieri nequit:
non ergo AFipfi DE parallela eft.Simili=
ter oftendemus, quod prater AD, nulla
alia.A D ergo ipfi B E parallela eft, Trian-
gulaergo zqualia,8cc. quoddemontftrare
oportuit,

Propof.41.Theor.31.
Siparallelogrammum , & triangalum
eandem habuerint bafim, fint 4, iniifs

dem parallelis, erit parallelogram-

wmum duplumtrianguls.
Int paralleloged-
4 D “mum ABCD, &

triangulum EB C
4X  fupereadébafi BC;
B C &iniifdem paralle-
lisBC,A E.dico pa- \

rallelogrammii AB C D duplum efesrti- aprap.y7a
anguliEB C. Du®a enim A C, 4 erittri-
anEulum A B C zqualetriangulo EBC:
habent quip pe eandem bafim BC,& funt
in iifdem paralielis BC,A E.Sed parallelo.

D4 gram-

]



56 LIBER L

grammum ABCD duplum eft trianguli
bprep.3#1 A B C; bdiametrus enim A Cipfum bife-
€ axte cat:equare & trianguli EBC duplum eric.

Si igitur parallelogrammum & triangu-

lum,&c. Quod demonftrare OPOttuit.

Propof.42.Probl.1y.
Dato triangulo aquale parallelogram.-
mum conflituere indato angu-

lorectilipeo,
A F & Sto datum tri-
Eangulﬁ ABC;
M datusangulusre-
42 ¢tiline® D. opor-
B E ¢ ~— teat autem trian-

aulo ABCzquale parallelogrammii con-
aprop.to., flituerein datoangulo D.4 Bifecetur BC.
bprep 22.1 0 Ejiungatur A E;& & conftituaturad E
reétg ECangulo D ¢qualisangulus CEF.

cpropes3te  Arq; ¢ per A quidé agaturiply E Cparal-
lela AG:per Cverdipli E F parallela CG,

+ eritq; FECG panallcl-gramm. Et quia
dprep379- BEE Czquales {unt,dcrunt & triangu-
1aABE, A E C zqualis; quippe fuper z-

qualivus bafibus B E,E C,&in ii{dem pa-

rallelis BC, A G conftituta:duplum ergo

eprop.g1.1 el triangulum A B C erianguli A EC:
fed ¢ paraliclogrammum FECG duplum

quoque eft trianguli A E C. Sant enim

' fuper
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fupereadem bafi E C, & inij(dem paralle-
lis EC, A G:cftergo parallelogrammum
F ECG zquale triangulo A B C; habet-
queangulum C E F zqualem dato angu-
lo D. Datocrgo triangulo A B Czquale
paraliclogrammum FEC G conﬁitu-
tum eftinangulo FEC,dato angule D,
#quali. Quod facere oportuit,

Propofitio 43. Theor.32.

Omunis parallelogramms, eorum que
¢irca diametrum funt parallelogram-
worum complementa funt inter
[eagqualie. 3
AH _D SIT parallelogrammii

E ¥ VABCD, diametrus
/ " cius A C; circa AC pa-
B ¢ rillelogrammafint EH,

43 T FG: & qua dicuntur
complemgnra BK, K D. Dico comple-
menta B'X, K D zqualia effe, quia enim
A BCD parallelogrammum eft, diame-
truseius AC;fita vetriangulaABC,ADC #7923 4.t
#qualia fint. Rurfus quiaEXH A paral-
Jelogrammum eft, tius diametrus AK: .
& crunt trianguela E AK, A HK zqualia. bprep.gg.re
Eandem ob caufam erunt zqualia trian.
D gula
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AH__D guhkKFCKGC, Cum
E igiturtatriangulaAEK,
AHK, quamKGG,
B c KFC fint 2qualia; e-
43 runt&duoAEK,KGC,
duobus AHK,KF C zqualia. Eft verd
& totum ABC,toti AD Czquale;igi-
tur reliquo complemento K D, reliquum
BKeft zquale. Omnis igitur parallelo-
grammi, &c. Quod oportuit demonftra-
R
- Prapofitiq 44. Probl.r2,
Ad datams reitam lineans’ dato trian.
golo aquale parallelogrammum 4p-
plicare,in dato angulo
reltilineco.
S I'T data recta A B ; datus triangulus
~7 C;datus angulus re&ilineus D.Oper-
‘teatautem ad datam re®am A Bdato tri-

¥ E o
AT

H A

ahgulo Caquale parallelogrammum ap-

aprips2. plicare inangulo 2quali angulo D. 4 C3-
7 flitvatur triangulo C zquale parallelo-

) gram-

\
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grammum BEF Ginangulo EBG 2qua-
+ liangulo D. &iaceat BEi &ﬁ ABindire-
Gum; producatur F GinH;d per A alte- bprop.si. xe
rutri ipfairum BG, EF agatur parallcla -
A H, &iungatur H B: Etquia in paralle-
las A H, EF re€taHFincidit, cruntan- cppap, 49,4,
guli AHF, HF E duobusreélis zquales:
derga BHG, GFE duobus reQisfunt dex. 5.
minores:e quzautem dminoribusangu- eax1s,
lisquam fint duo re&i in infinitum pro-
ducuntur, concurcunt: igitur HB, FE
produ&z concurrent; concurrant in K;
F8 perKadalterutram ipfarom EAF H fpropogrer
ducatur paralicla K L, produ@isH A,GB

in L,M: erit igitur HL X F parallelogri-

mum, diametrus eius HK: g parallelo- gprep. £25
grammacircaHK, erunt A G.ME. Co-
plementa LB,BF: hergo LBipfiBF z- horepgs.s
qualeelt: fed & Cipli B F eft zquale: ferit iav.s-
igitur & LB ipfi C zquale. Et kquiaan- kpropis.y
gulus GBEzqualiscft angulo ABM ;; &

GBE zqualis anguloD: Zerit & ABM, lax.1.

ipfi D zqualis. Ad datam erga ze-
" &am,&c. Quodfacers
oportuit,

+EBEE4

Pra:



eprop.#2.l,

bprop.# 4.1

" gperfirndd,

dax. 2.

Crrop.2gar.
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Prapofitio45. Probl.13.
Datoreitilineo aquale  arallelogram-
mun conflituerein dato angula
rectilineo.

S rodatumre&ilincumA B C D:da-
tusangulus re&ilincus E, Oporteat

autem ipi A BCD =zquale parallelogri-
mumin dataangulo E conflityere.iunga-
tur D B,& 4 conflituatur triangulo ABD
zquale parallelogrammum F H in angu-
lo HK Fzquali angulo E.Deinde bappli~
cetur ad lineam G Hparallelogrammum
G M triangulo DB C zquale,inangulq
G H Mzquali angulc E. Etcquizangu-
lus E vtrique HKF, GHM elt zqualis 3
crunt& HKF,GHM zquales: addatur
communis KHG :dergo HKF,KHG
zqualeserunt his GHM, KHG:athi
efunt zquales duobusreis; erga & illi.
Quare adpun@tum H re@z G H pofitz
funtduzlinez K H, H Mnon ad eafdem

partes, facientesangulos deinceps zqua-
, les
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lesduobus re@is, f indire&ii ergo erunt fprop-t#-4
XK H,HM. Etquiain parallelasK M,F G

reQa incidit H G, gerunt angulialterni 82"%-47+¢
MH G, HGF zquales: Comunis appo-

natuf HGL:ieruntergo hiMHG,HGL, iex.a.
his HG F,HG L,zquales ; katillifunt ¢- kprep.ap.x -
qualesduobus retis:ergo & hi: Zindire- lpropars.t
&um ergo et FG ipliGL. Etquiatam

X F,HGquiHG, ML 2quales & paral

lelz funt: merunt & KF, MLzquales & ™27%- 3%
parallelz : 8 coniunguntillas reGz KM, "

F L:nergo & KM,F L zquales & paralle- nprep.z5.14
Iz erunt, Parallelogrammum ergo eft

K FLM.& cum trianguluin A B D 2qua-

Ie fit parallelogrammo HF;& triangulum

D BC parallelogrammo G M,¢rit totum
re@ilineum AB C D toti KFLMxquale.
Datoergo retilineo A B C D zquale pa-
rallelogrammum conflituimus KFL M,

in angulo dato E. Quod facerc oporte-

bat. -

Propofitio46. Probl. 14.
Adusaryeitalinea quadratuns
defcriberes,

Stodatate&a AB,a quaquadratum
defcribere oporteat. « Ducaturd pii- aprap.ar.2.
&o A re@tz ABadangulosre&os A Cf;i &
. at .
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boropsea c ’ fiathipfi AB zqualiﬁ AD:ag
E i D ipfi AB agatur pirallela
DE:sper Bveroipfi A D du-
catur parallcla BE: eft ergo
] A D E Bparallelogrammum:
brpsea A BponieaB ipiDE,& ADipfi
cper frud. BE zqualis erit: ¢fed & AB aqualis eft
" ipliAD.Omnesergoquatuor BA, AD,
DE,BE funt zquales teftergoADEB
zquilaterum.dico quod & re&angulum.
Cumecnimre&aADin parallelas AB,DE
dorop.2or incidat, derunt anguli BAD, AD E -
cperfirnd. auales duobus re@is. e re@us autem eft
BAD:crgo & ADE. fParallelogram-
morum gutem fpaciorum anguli &latera,
qua cxaduerfo, zqualia fant; eric igitue
vterg; ABE,BED reus:reCtangulum
igitor ctADEB.Oftenfum autem eft &
80547, gguilaterum: g ergo eft quadratum; &2
re@a A Bdefcriptum. Quod oportebat
facere. 7
Propofitio 47. Theor.34.
Inredangulistriangnlis, gnoda latere
vectum anguliifubtendentedeferibitur
guadrasum , aquale cft ilis ,qued laze-
vibusreclum coprebendentibus de-
feribuntnr quadrasis, !
: Efto .

1;’??ﬂl' /7 A A_H (

Epropoye.t.
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ESto triangulum reGangulum AB G, &
re@umhabens B A C; Dicoquadra-
tum 3 latere B C defcriptum, zquale efle
quadratis 4 laceribus B A, A Cdefcriptis.
: & defcribaturd re- apropiged
&isBC,BA,AC
quadrata BDCE;
GB; HC;& bper bpropsuui
Awtrig;BD,CE
agatur  parallela
AL. iunganturq;
AD,FC. Etquia
vterque angulorit
B AC,BAGrectuseft, funtq; ad puntid
Alinez AB duzretz AC, A G pofita,
, facientes angulos deinceps duobusretis .
, quales,cerit AGipfi A C in direQum, /%714
| Eandem obcaufameft ABipfi AHindi~
reGum. Et quia angulus DBC zqualiseft
, angulo FB A,quod vterque fitreétus, fi
apponatur communis A B C: 4 erittotus da%. &
D B A,toti FBC zqualis, Cumqueduz
DB, B A,duabusB C,B F zquales fint,al-
teraalteri,&angulus DB Aangulo FB C
equalis;e erit & bafis A'D, bafi F C 2qua- rordis
- lis,&triangulum A B Dytriangulo ¥ B C: cpropAne
Seftque trianguli ABD parallelogram- fppsp, 4,8,
mum B L duplum ;habent enim candem
‘ ' *  Bafim




€4 LIBER L

£27%7-#" Bafim BD,& funt in ij{dem parallclisBD,

hax.r.

A L.g Trianguli vero FBC duplum eft
quadratum GB;habent enim eandé ba-
fim FB, & fant in ij{dem parallelis F B,
GCsbquz autem zqualium funt dupla,z-
qualia inter fe funt: parallclogrammum
ergoBL zquale et GB quadrato. Eodem
mmodo iun&is A E, BK demonftrabitur
CL zquale efle quadrato H C: Totum
erga quadratum D B E Czquale eftduo-
bus GB, H Cquadratis: & et DBEC3
BC;ipfaveroGB,HCaBA,AC, de-
fcripta: Quadratum ergoa B C deferipeit
zquale eft quadratisa B A, A Cdefcriptis.
Inre&angulis crﬁo Triangulis,&c.Quod
oportuitdemontrare.

Propofitio 48. Theor.3 4.

Si quadratum abwnotriangeli lasere |

deferiptum , aquale fuerit quadraris d
religmis lateribus deferiptis angulns
areliguis lateribus consentus,

rellus erit,

ESTo quadratii 3 fate=
re B Crianguli ABC

defcriptum , zquale qua-

dratis dlateribus BA, AC

€ deferiptis. Dico angulom
TBAC

48
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BAC re&um effe. # Ducatur enimab A aprpann
pun&olinez A Cad angulos reftos re@a
AD,&fith ADipfi AB zqualis,iungatur- bpmp.a.z,
queDC. Et quia D A, A Bzqualesfunt,
erit & quadratum ab A DUf “rume-
quale quadratoab ABZ 1 raiag soa-
tur commune quadrati nav A Cce't-i-
ptum: ccruntigitar quadrataipfari DA, e s,
A Czqualia quadratisipfarumB A, AC.
Sed quadrata ipfarum D A, AC zqualia
funt quadratoipfius D C. dangulus enim dperfradl
D AC reGtuseft. Quadratisautem ipfa-
rum AB, A Cponitur zquale quadratum
ipfius BC.quadrataergoipfacum DC,BC
funtzqualia: ergo &latera. Eccum A D,
A B zquales fint, communis A C,igitur
duz D A,AC,dusbusBA, A Cfuntz- )
quales,& bafis D C bafi BC: eeritergo & comp.d. £
angulus D ACanguloB A Czqualis: Eft
vero D A CreCtus: ergo & BA Crelus

etit. Siergo quadratum,&c. Quod
oportuit demon-~

firare.
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EVCLIDIS
ELEMENTVM

SECVNDVM.
Definitiones.

1. Omae parallelogrammum re&angu-
lum contineridicitur 4 duabus re-
€is lineis angulum re@tum com-
prehendentibus. Vti_nprapoj.‘z:{c-
vallelogrammum B Heontinctwr & bi-

‘neis BC, BG,qne angulum reclum
. Beomtiment,

2 Patallelogrammi fpacij voum eorum,
qui circa diametrum funt paral- |
lelogramnorum, cum duobus ¢5-
_plementis gnomon vocetur. V2
sn prepef. 5. fignra CBFGHL ¢on-
tenta parallelogrammis DL, HF, &
quAdrato D C. |

Pro~
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Propofitior. Theor.t. '

Sifuerint dua recialine,qnarum al.
gers [écetwr in quotcangue partes, re-
Elangulum ab ipfis conrentum, aquale
erit12Ciangnlis ab infeita, & fin-
guiis [ecle partibus con-
tentis,
< Slntdug re@z.A,BC,

quarum B Cfecetur
vtcung; inD, & E. Di-
co rcl:;&angul_um lincis
A LHA&BCcontentumz-
!J —A quale effe. reGangulis
‘contentis A,BD; & A, DE;&A,EC.
a Ducaturenim exBipfi B C ad angulos aprpar.s.
reos BF, fiatq; bipfi A zqualisB G ;& barep, 1.
¢ per G ipfi BC parallela ducatur GHiper cprops 114
D, E,Cverdipfi BG panallelzducantur -
DK,EL, CH. ERautem BHzqualeipfis
BK,DL,EH.NamBHeft reGangulum -
ipfarum A, BC; Continetur enimipfis
BC,BG;%BGeftipfi A zqualis. BK, clt
_re@angulumipfarum A,BD;Continetur _ +
enimre&is G B,BD: fiquidem GBipfi A
“zqualiseft. DL eftre®angulumipfari A,
DE; nam & DK zqualis cftipfiA, 3 fimi-
o Ea - liter
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liter EH eft re@angulumipfarum A, EC.,
Eftergoquod A, BCcontinctur zquale
illis,quz A,BD: A,DE ; & A,E Cconti-
nentur. Si ergo fuerint dux reGa, &c.
Quod eportuit demontftrare.

Propofitio 2. Theor, 2.

Gangula,qua t0dr & partibus sonti.
Bewtsr; aqualiaquadraso,qued

fd tota. -

e&a AB fecetur vtcun
4 _CB R queinC. Dicore&an-
ulipfis AB,AC, & AB,
C contenta , zqualia efle,
quadrato iph®AB.sDeferi-
batur fuper A B quadratum
ABDE, & ducaturper Cad veramg; A D,
BE paralicla CF. b zquale crgo cft A E

ipfis'A F,CE.Eftautem A E quadratum

ipfius A B, re@angulum iplari BA,AC
et AF; Contineturenimipfis AD, A C;
& eft A Dipfi ABzqualis. CE ctinetur.
‘AB,BC;Eftautem BE ¢qualisipfiA B:Er-
goquz AB,AC ;& AB, CB continentur
aqualia fant quadratoipfius A B. St ergo
reQalinea,&c. Quod demonfirare opor-
tebat, : '
Pro-
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Propofitio 3.Theor. 3.

Sire&lalincavicang, fecetur , erit ve-
Gangulum totd, & vwa parte conten-
sum,aquale reBangnlo partibuscon-
temto,Cr quadyate & dicte
partedeferipto,

c_ B RE&a A Bfit ve-
cung; fe&ta in C.

Dico re@angulii AB,

B C contentum;zqua-

¥D ¥ feefle, & re@angulo :
A C,CB; & quadrato BC cStento.« De-aprop.sby
fcribaturenim d BC quadratum CD BE, ‘
producaturque EDin F; & bper A veri. bprop.sr.e
que C D, BE parallela ducatur, AF: ¢ Er- 77" %
go AE zqualecft, ipfis A D, CE. Eftque
AE rc&angulum ipfis A B,BC conten.
tum ; continetur enim ipfis AB,BE, & -
deft BEipfiB Czqualis. A D veré clire- ddefisz, 2.
&angulum ipfarum A C, CB; eft enim
D Cipfi CBzqualis. D B,denig;eftqua- -
dratum ipfius CB. ReGangulii ergo A B, '
B Ccontentum,zquale eft A C, CB con-
tento,vna cum quadrato ipfius CB. Si er-
goreQalinea,&c.Quod demon-
ftrare oportuit,

‘E3 Pro=
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- Propofitio 4.Theor.4.

Sirectalines vtcung, fecesur ,quadya-
twmtotius aquale erst & parsinm qua-
dratis, ; rectangulo b parsi-

' buscontento,

' RE&a AB fecetur vecunquein C. Di-
co,quadratum ipfius A B zqualeeffe
quadratisipfarum AC,CB; & re@angulo
sprop.46a.bis A C, CB contento. 4 Conflituatur e-
nim {uuper A B quadratum A DEB, du-

bprop.3t.t. caturque BD;ac bper Cyirique AD,EB
ducatur parallels CF; per G verd vtrique

cperfirud. AB,DE parallelaHK.Etequia CF,AD
dprop.es.r parallelz funtin ipfalq; incidit B D, derit
' externus angulus B G C zqualis interno
epropst. 4 op &oppofito ADB:efed
H g ADB cftzqualisipiCBD;

uod & latus BA lateriAD

) ‘ it zquale 5 erit igitur &
' p 5t CGBangulus, zqualis
£prop.6.1. GBC angulo. f Quare &
827933+ 1 [atus B C lateri CG zquale erit: gfed &
\ €BipfiG K,&CGipfiKBeftzqualese-
ritergo & G K ipfi K Baquale; zquilate-

ramergo eft CGKB. Dico quod & re-
Gangulum, Cum enim CG,BX parallele

- - finty
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fint,in ipfafqueincidat C Bgerunt bangu: bprep.29.1)
1iKBC.G C Bzquales duobus re@is: sre- 144-27- 14
&usautem et KBC; ergo & GCBreftus -
erit. kQuare &qui exaduerfo CGK,GKB kpp.s4)
reQierunt; reGtanguliigitur e, CGKB.
Demontftratum autem eft, quod ui-
laterum : quadratum Zerga cft; 8 eft i CB 14hs7.%
defcriptum. Eandem ob caufam & HF
quadratum eft; & eft sb H G deferiptum,
hoceft,ab A C.Sunt ergo quadrata HF,

CKab ipfis AC,CB defcripta. Ec quiaAG

ipfi GE m ¢qualeett,eftq; AGgp AC,CB -
cdtinetur;{untn, GC, CBaqualesserit & TP A
GE ¢quale AC,CB contento. Ergo A G, fe ,
GEc¢qualia funt bisAC,CB c3tento.Sunt

autem & HF,CK gll.ladrata ipfarum AC,

BC: quatuorergo HE, CK,AG,GE 2~

qualia funt, & quadratisipfarum AC,CB;

& re@angulo bis A C, CB contento.Sed

HEF, CK, AG,GE conftituunttotum

A DEB, quodeft quadratum ipfius A B.
Quadratum ergo ipfius AB zquale eft
quadratisipfarum AC, CB,& re&tangula

bis A C,CBcontento.}Siergo, &c.
' Quod demonftrarg o~

portuit. :
200
Ee

Al
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Aliademonfiratio.
cho quadratumipfius A B zqualcef-
fe quadratis partium A C, C B, & re-
ctangulobis AC,CB contento. Incadem
aprop. it figura,cum BA, A D fint 2quales,4crune
bprepopza & anguli ABD,ADBzquales. Etbcam
omnis trianguli tres angali gquales fint -
duobus redis; erunt & trianguli ABD
. tres AB D,A D B,B A D zqualesduobus
Cpurfired. pe&iis, ¢& eft B AD reBus;ergo reliqui
' dper firus ABD, A DB vaireQozquales; cumque
é;:r .0, fint zquales, erit veerq; femireGtus. dre
L Gusautéeft BCG, eftnamg; 2qualisan-
ulooppofito ad A; reliquus ergoCGB
fprop32.1. ?emire&us eft: figitur zquales funt CGB,
grrp-0t. CBG: g quare & lateraB C, CG zqualia
bprop 331, erunt: bfed CB zqualecftipliK G,& CG
197 fr#5. iofi BK s ergo CK eftzquilaterd; § cumg;
habeat angulii C B K re&ii: quadratii eric
CK, & quidem,quod fitex C B,{Eandé ob
caufam quadratii eft F H,eflq; zqualeilli,
quod fitex AC: funtergo CK, HF qua-
drata; zqualia§; quadratis ipfarum A C,
kprop.93a CB. Etkcum AG, EG 2zqualia fint,
fitque A Gid, quod AC,C B continetur,
funtenim CG, CBaquales: ergoEG
zquale eft contento AC, C B: igitur
A G, GE zqualia funtbis AC, CB
‘ <on-
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contento. Suntverd & CK, HF 2qualia
quadratisipfarum AC,CB : ErgoCK,
F, AG, GE zqualiafunt quadratisi-
arum A C,CB; & bis A C,C B conten- .
to:fed CK,HF,AG,GE totum A Econ-
flituunt, quod eftipfius A B quadratum,
:Ergoquadratiiipfius A B zquale eft qua-
dradsipfarum A C,C B,& re&angulo bis
AC,CBcontento. Quodoportuit de-
moaftrare,

Corollarium.

Exhis manifeftum eftin quadratis fpa~
ciisillaque circa diametrum fuat, qua- -
drataefle.

. Propof.s.Theor.s,
Sireclalineafeceturin aqualia, & in
inaqualia; exitvectangulom inequali-
bustotisu partibus contZtum vnacum

quadratolinca, quainter fectionesin-.

teriicitur aquale ei,quod ddimi.

diafit quadrate.

RE&a ABafeceturinzqualiaad Cjin sprop.10.re

inzqualiaad D. Dicocontentii AD,
D B reangulum cum quadratoquod ex
€D, ¢qualecflc quadrato ipfiusCB,5 De-

fcribatur enim fuperBCquadrati CEFB; bprep.ge.a

Es &
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&ducatur BE;e atq; per Dvtriq; CE,BF
ducatur parallela D G ;: per H verd virig;
CB, EF parallelaK O. Rurfusue per A
virig; CL,BO parailela AK;& cum com-
plementa CH,HF dzqualia fint,fi adda-
tur commune D O erit totum C O, toti
D F gquale.Sed C O ¢gquale eft A Liquod
A €D &ACipfiCBfit
B zqualis: eritigi-
’ f wr & A Lipfa
29 % D Fequae: fi
~ addatur cdmu-
E @ F peCHyeritAH

¥

-ipfis D F,D Lzquale: fed A H, contento

eCoroll. 4.
prop.a.

fax.r,

AD,DBeft zquale;e cftenim & DHipfi
DB gqualis:FD, DL sutem funtgnomon
MNX: fergo gnomoo MN X eft zqua-
lis A D, D Bcontento,SiL G commune,
quod eft zquale quadrato ex CD, adda-
wr:erunt MN Xgnomon, & L G zqua-

liacontento A D,D B,&illi quodex CD
fit quadrato.Sed gnomon MN X, &LG
totum CE F B quadratum,quod eft qua-
dratum ex CB:ergo A D, D B contétum,
cum quadrato quod fitex CD,zquale eft

quadratoipfius CB.Siergore@alines

fcc,tcur,&c.%od oportuide-
~ moanltrare,

Pro
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Propof.¢.Theor.6.

Sivedtalineabifecetur,eigin directum
quedam recla adiiciatur , erit reitan-
gulum , anodfisex'tosa compofita, &
adiectayvna cum quadratodimidia, g«
- quale quadratoguod fit ex dimidia .
. & adieita.

RE&a A B bifeceturinC, adiiciaturd;
:ei qugdam B D in dire@um.Dicore-
&angulum AD, DB contentum, cum
quadrato reGtz C B,zquale effe quadrato ,
quodfitex C D. # Deferibatur enim fu- 227741
per CD quadratum CEFD; ducaturg;

A _c_ B p DE.&bperBqui- bpropgras
gem vtrig; EC,DF
;Lu—-_;l paralleladucat BG:
e p4 per H verd virique
¥ A D, EF parallela

& F KM. ItemperAv-
triq; CL, D M parallela AK. Cum igitur
ACI qu}a!is fit ?:dz CB;erit& A ‘z(:

uale ipfi CH : fed CH ¢ zquale eft ipfi ¢yppp, 4
: ;l-l Fiergo& AL,equalceftip 1HF.C051- rrp-#3d
muneaddatur CM:dtotii ergo AMgno-'d ax, 2,
moni N X O erit 2quale:fed AM eft quod
continctur AD, D B(eft ¢ cnim D M z- edefis
‘ qua-
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qualisipfi D B):&gnomon N X O zqua-
hiseft AD,D B contento. Communead-
dotur LG, quod cft zquale quadrato re-
&z CB: ergocontentum A D,D B, cum
quadratoipfius B C, zquale eft gnomoni
NXO,& LG,Sedgnemon NXO,&L G
funtquadratum CEF D, quod eft qua-
dratumipfius C D:ergoquod AD, DB
cotinetur,cii quadrato ipfius BC,zquale
eftipfius C D quadrato. Siergoreéta li-
nea,&¢. Quod oportujtdemoaftrare.

Propof.7.Theor.7.

Sireilalinea fecetur vtcumque, quod
arota,quodg,abuma partismfit,vera-
gucquadrasa,aqualia funt ¢i,quod bis
Atota & dictaparte fitreclangu-
lo,unacumalterius partss
guadrato.
E&a AB fecerur ve-
cB cumquein C. Dico
H quadrata , quzex A B,
C B fiunt,¢qualiacfle bis
AB, BC conteato, &
D % E quadrato quod fit ex
sprep. 462 A C. & Deferibatur enim fuper AB qua-

* Gt 1w pra- v ¥ atur.
il v dratum A D E B, & figura coaﬁmamll:-rt
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Et quia A G,G E¢qualia funt,fi commu-

ne CF addatur,erunttota AF, CE zqua-

lia: vtraq;ergo A F, C E duplafuntipfius
AF:fed AF,CEfuntgnomonKLM&

C F quadratum :gnomonergoK LM, &
CFduplafunt ipfius AF. Eftveroeiuf-
dem A FduplumbisAB, BCcontétum; .
b funtenim, B F, BCzquales. Gnomon b 4ef.s7.
ergo K L M,& CF zquantur bis AB,BC
contento.Communeaddatur D G,quod

eft quadratii ex AC:gnomon ergo KLM,

& quadrata BG, G D zquantur bis AB,

B C'contento, & quadrato quodex A C.

Sed gnomon KLM,& quadrataBG,GD
funttotum AD EB, & CF;quzfuntex

A B,B C quadrata.Quadrataergo ex AB,

‘B CazquanturbisAB, BCcontento, &
quadrato ex A C:fiergo, reQalinea, &c.
Quod oportuit demonftrare.

Propof.8.Theor.8.

Sireclalineafecetur vtewm 4., rectan-
gulum quater toti, & vna parte con-
sentum ,cumquadrato alterins parts,
«aqnale es? quadrato & totacr dicta
parissanguam sbvnalines
deferspto, ‘
Re@ta -
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RE&a AB fitfeGa vtcumque in C.Di<
coreftangulum quater AB,BCcon-
tentum,cum €0, quod fitex A C quadra~
tozqualeefle quadrato, quod fitex AB,
B C,tanquam ex vnalinea.Producatut e~
nim A B indireGum, & fit BD zqualis
aprop.¢6.4 CB; & afuper A D conflituatur quadra=
tum A E F D,&dupla figura conftruatur.
Quiaigitur CBipfis BD; GK; BD verd
A C B DipfiKN zqualiseft ;je-
7 runt& GK,KN zqua-
1/ les.Ob eandem cau?am,
3P ®/|%erunt PR, R O zqua-
/y 8| les. Cumque tam BC,
E H L ¥ BD;quamGK,KNz-
qualesfint; bericetiam
bprep.36.r tam CK K D : quam GR, R N zqualiae
fed CK,RN ¢ funt zqualia ({untenim
€P1%-43% complementa parallelogrammi CO)igi-
tur &K D, G R zqualia erunt. Quatuor
ergoDK,CK,GR,RN ¢qualia funt:qua-
tuor ergoillafunt quadrapliciaipl® CK.
Rurfuscam CBipiBD:BD dipfi BK,
Bcorol. 4.2, hoceft,ipfi CG; & CBipfi GK, hocefl,
g9 def. 27. ipli G P zqualis fit, erit CG ipfiG P -
qualis, Etcum CGipfiGP; & PRipfi
R O zqualis fit;erit & AGipiMP;& PL
_kprop.#3.1 ipliR Fxquale, Sed MP,P L funte qulx.a- |
13, |
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lia, quippe parallelogrammi ML comple~
menta,crant & A G, R Faqualia. Qiu“’ 3
tuor ergo A G,M P,PL,R Fiunt zqualia;
‘quatuor ergoilla quadrupliciafuntipfius
AG,Oftenantéfunt& CK,KD,GR,
R N ipfius CK quadrupliciazergooGoill
quz gnomoné S TYcontinét, quadrupla
funtipfius AK: & cum AK contento AB,
BD fitgquale, eft enim BK.ipfi BD ¢qua-
lisierivquater AB, BD contentum,qua-
druplum ipfius AK. oftenfuseftautem &
gnomd STY quadruplexipfi’ AK.Quod

crgoquaterAB,BD continetur gqualeeft
nomoni ST Y.Communeaddatur XH
quod zquale eft quadrato ex AC)quater
ergo A B, B D contentum re&angulam,
cum quadrato quod fitex A C, zqualeeit
gnomoniSTY,&XH. Sedgnomon &
X H funt AEF D quadratum, quodeft
quadratum ex A Diergo quater AB,BD
contentum reGtangulum, cum quadrato

ex AC,left zqualeilli, quodfitex AD
quadrato, hoceft, quodfitex AB,BC

tanquam cx vnalinea. SiergoreQali-
nea, &c. Quodoportuitde-

montflrare.

- S

Pro-
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' Propoef.s. Theor.9.
Sirelialines fecetwrinequalia,Grnon
agwalia , quadrasa partii inequalinms
duplafunt Creinsquodfis d dimidia,&r
eins quodfitalinea,queinterfe-
élionesintercipitnr gua-

drati.

o B EccturreGa ABin

. }L , C zqualiter, in D

. AiL ingqualiter.Dico qua
q »

) drataex A D,DBdu-

pla cffe corum, quzex AC,CDfiunt.

. .y, 4 Ducatur ex Cipli ABadangulosreGos
Sproprie E C,quefitvtrique A C,C B 2qualis,du-
aantur§ucE A.%B. Atqueper DipfiEJC

sgatur parallela DF: perFverd ipiAB

¢la FG iungaturque A F. Etquis

bprop.s.3. AC, CEzqualesfunt; b erunt& anguli
E A G,A ECezquales.Et cum angulus ad

opropa. CreGusfitse cruntreliqui AEC,EAC
vnireGogquales,ideoquefemire&ti.Eane

dem ob canfam CEB, E B CfemireQie-
runt:vndetotus A E B reGus erit. Cum-

dpr9p.39.3 que GE FlemireQusfit; dre@usEGF
?eﬁ eaim interno & oppofito ECB a-

qualis) a eritreliquus E FG femireGus:

"‘,o 231 Ergo
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ErgoG EFipfi EF G eftzqualis;e quare ¢ pryp, 5.5,
& latusE Glateri F G zqualeerit. Rur- ,
fus cum angal’ ad B femirectus fit;reQus |
F D B(eft enimzqualisinterno & oppo- 7744
fito E CB)eritreliquus BED femire&us.
Eftergoangulus ad B zqualis D FBan- i b
gulo./gQu‘;re & latus BF lateri DB gquale 8779 &,
erit: Etcuri A C,CE 2quales fint,erunt
& quadrita ex A C,CE ¢qualiaidupla er- i |
gofuntquadratoex AC: g zqualeautem */"#7+f
eft quadratis ex AC, CE quadratum ex
EA(nam angulus ACE reCtuseft) eftigi-
tur quod ex E A duplit ciusquodex A Ci
Rutfuscum E G, G F zquales fint; erunt
& quzei E G,G F quadratazqualia:du-
plaergofunt cius quod fitex G F:Et b z- iprop#7.¢
qualia eius, quod ex EF: ergo quod ex
EF duplum eft eius,quod ex GF quadrati
(funtautem GF,CD ¢quales)ergo quod
ex EF duplumeftcius, quodex CD, Eft
autem & quod ex A E duplum eius,quod
ex AC:ergoquadrataquz ex AE,EF du=
plafunt eorum,qug ex AC;CD.Quadra- .
dratis autem ex AE,FF,s 2quale eft quod trop#14
cx AF(ftenimangulus AEF feGuser- -
- go quod ex A F quadratum duplum cft
eorum,iu# exAC,[CD;¢ciautem,quod
ex AF zqu_al'ra funt unz ex A g ,ﬁlzri 1 P47
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fiunt(oam angulusad D reGuseft)igitur
quzex A D, D Fdupla funteorum, quz
ex AC, CD quadratorum (funtautem
DF,DBzquales)ergoquzexAD,DB
quadrata, duplafuntcorum, quzex A Cy

. CD.Siergore&alinea,8c. Quod opor-

tuit demonflrare. :
Propof.1o0.Theor.10.

' Sireitalinea bifécetur, cig.in rectum

a prop.n.r,
bprop.a.a,

Epropgr.y.

rallclaD F; & cum i paraliclas E CFD

wedam alia adiiciatur;quadrotacuns
adieiia, Cr abadiecia fiunt quadrata,
duplaerunt quadratorums , quafiune 2
dimidia, & aXcompafitaex dimi-
dia¢r adieéta. -
RE&a AB bifeceturinC, adiiciaturg;
ciin re&umB D.Dicoquadrataqua
ex AD,DB duplacfle corum,quzex AC,
CD.4Ducaturenimex Cipfi ABad an-
gulosreéos C E; bfitg; CE ipfis, AC,CB
R LR zqudlis; & iun~
gantur AE,EB.
- atqy e per E ipfi
B -AD sgatur pa=
~ g’ ralleh EF.Per D
st et yetdipfi CE pa-

mcig
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focidatEF, 4 ei'unt.ai)g'uli CEF,EFDgy4 prog.es.4
#quales duobus reis:vnde FEB,EF D
duobus rectis minoreserunt.. ¢ Quzau- ¢ axar,
tem 4 mingribus qui (intduo rectipro-

. ducunturre@zlincz, concurruat: crgo
EB,F Dad partes B,D produt¢ concur-
rent: concurrant inG,iungaturque A G,
Et quia A C, C Ezquales {uat,f erunt & fprop.s.1.
an§uli AEC,EACzquales;g &cftan- g27/frvd
gulusad CreGustergo E A C,A ECfunt
femire®i.Eandem ob caufamCEB,EBC
femire&ifuntiergo AEB reGuseft:cum- )
?ue EBCfitfemireGus, b erit& DB G h propu1sid
emireQusteft verd B D G refus;é zqua. #4254
lisenim eft angulo DCE, quod fint al-
ternitreliquus créo D G Bfemire&us eftt
uareanguli D G B,D B G equales funt;
2 cruntigitur & lateraB D, GD zqualia, kprap. .16
Rurfus cum EG F femireQus fit: LreCus] prop.s ¢4
quiad F (et enimad C oppofitozqualis)
erit & FEG femireQusifuntigitur EGF,
FEG zquales, m Quare&latera GF,m Fe X2
EF zqualiaetunt. CumergoEC,CA
equalesfint; erit& quod ex EC quadra-
tum, zqualeci, quod ex A C: Quadrata
ergoquzex EC, CA, duplafunteius,
quodfitexC A: illisautem, quzex CEy
CA,nzqualeeftquodex Ilii Aiergoquod nprep.47.3
- 2 X
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ex EA duplum eft cius quod ex AC.Rur-
fuscum GF, EF-fintzquales, crupt &
quzex F G, F E quadrata zqualia. Snt
ergoquzex FG, F Edapla eius, quod ex
Eeil is autem, queex GF, FE o 2quale
eft quodexEG : et;?o quodexE G du-
plumefteius , quodex EF, funt autem
EF, C Dzquales: ergo quod et EG du-
plum efteius quod ex CD: oftenfum eft:
autemid 4 %uod ex E A duplum efle eius
uodex A C: quaergo ex AE, EG qua-
rataduplafuntesram,quaeéx AC,CD:

pprop.47.4 illis autem queex AE, EG p zquale efk

WrPF7t quod ex

- -quodex AGsergoquod ex A Gduplum

eft eoruuxz?z ex AC; CD:ciautem
dex A%y, 4 2qualia funt , quaz ex
AD; DG ergoquzex AD, DG qua-
drataduplafuntcorum,qugex A C,C D,
zqualesautem funt DG, D B:ergoquee
A D, DB quadrata, dupla funt corum,
quzexAC,CD.SiergoreQalinea -
bifecetur,8:¢c. Quod oportuis
demonttrare,

 mamemns
TR,
A o Y R e
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- Propof.r1.ProblLr.
Datamyectamfecare, vt quodtota, &r
unaparte continetur rectangulum,
aqualefit guadrato quod fitex
' religuaparte,
Srt dats re@a AB,quam oporteat ita
fecare, vt quod ex tota & vna partium
£t re@angulum, zqualefit ¢, quod ex al- .
tera partefit quadrato. # Defcribetur ex 227 :’-40‘;'
AB quadratum ABCD, & b bifecatur AC /7%
in E,iungatur§; BE.producatar CAin F,
¥F_G it§g EF czqualisre@zBE. cprop.ss
d coftituatur fuper AF qua- dprop.gon
B dracum FH, &producatur :
GHinK. Dicore@am A B
. in Hfe&am effe,vt AB,BH
contentum re&angulum,
© € K D equaleficei,quodex AHfit
quadrato. Cum enim re@ta’AC bifeQ@a fit
inE, eiue adieQain direGum A F; ¢ erit eprop.6.a;
CF, FA contentum, cum eo quod fit ex
A E,¢qualeilli quod fitex EF,funt autem
EF,EB ¢gquales:ergo CF,FA contentum,
cii eo quod fit ex A E; zqualeeftilli;quod
exEBquadrato:fedci,quodex EB f 2- ¢, ..,
qualia funt,quasex B A,A E quadrata (re-
Aus cnim cft angulusad A ) ergo quod
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» *f' 27

24 LIBER IL

CF,FA continetur,cumilloqiodex AE
quadrato,¢quale cftillis,g exBA,AE qua-
dratis; Commune quod ex AE auferatyr;
reliquum ergo,quod CF,FA continetur,
equale eftei, quodex A B quadrato. Eft
autem CF,F A contétum,
F & jpfumFK(gnamAFFG
funt zquales) Quod autem
A H/ B ﬁtext;]B, eﬂ%ﬁ quadra-
E/ tum:ergo FK, ADfuntz-
1 qualia, Commuuec AK au= .
L L feratar ¢ eruntque reliqua
¢« KD FH,HD zqua?ia. Eft c:iu- ‘
té¢ HD quod A B,B H continctur b (funt
enim AB,B Dzquales)F Hautéeft quod
fitex A H quadrati.Ergoquod A B,BH
continetur reGtangulum, zquale eft qua-
dratoquodex AH: reQa crgo AB {eQta
eftin H,vt quod AB,BH contineturre&-
angulii zquale fit i, quod ex A Hfit qua-
drato, Quod facere oportebat,
Propof.12.Theor.11,
Intriangulis obtufangulic quadratum
guodfit d latere angulum ootufum fub-
tendense,maius ¢ quadrasis laterum
ebsufum costinentium ,retangulo bi

gontento & abunolasereobtufum con-

tinena
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tinemtfin quod productum perpendi.
enlaris cadit, & alivea exterius affum-

pradperpendiculariad apguinm
obtufum,

SI: triangnlum obtufangulum AB .
obtufam angulum habés BAC.¢ Du= 87241
catur ex B ad C A produam perpendi-
cularis B, Dico quadratumex BC ma-

iuseffe eis, quzex BA,

/B AC,reQangulobisCA,
‘!‘ ADcontéto. Cumenim .
y fe&a CD feQafitvecls

A7 quein A;b erit quod ex barp#.a
D Cequaleillis,quz ex CA, AD quadra-
tis; & ci,quod bisC A, A Dcontinctur.
Communeaddatur,quodex D B. Ergo
quz ¢x C D, D Bzqualia funtillis,quz ex
C A, A D, D Bquadraris;; &illi, quod bis
€ A,A D continetur:(ed illis;,qug &x CD,
DB.quadratis,¢gquale eft quod ex CB(eft cprop.g7d
enim apgulusad B re@us)illisaucem,qug -
ex AD,DB dzquale eft,quodex AB qua- dprep.a7.2
dratum. Quodigitur ex € Bzqualeeitil-
lis, quzcx C A, A B quadratis, & re&an-
gulo bis C A, A D contento.Intriangulis
crgo obtufangulis,8tc.Quod oportuit
demonftrate.
- Fg Pra.

Dk
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Propofl 13, Thoor.rz.
In 4cutangulé triangubis guadrltdm\
laters acutum angulum fubtendentes
minusesiquadyatis acutum continen-
'ibw reétangnlo biscontento & aby-
© .00 latere acutum continente, in quod
perpendicularis cadit, ¢ alineaaper-
- pendiculariintus affumptaad an-
‘ gulum acutam,

SIt acutangulumtriangulum ABC, ha-
gprop.iza, I bésacuti Bieducaturab Ain BCper—
S pendicularis AD.Di-
. ¢o quadrati quod fie
- ex A C minusefleillis

quzfiuntex CB,BA,
" re@angulobis CB,[B
c D contento.Ciicnim

B reGta CB {c&a fit ve-
cumgq;in D;b erunt quzex CB,B D qua-
drata qualia bis CB,BD contento, & illi
quod ex D C quadrato. Commuyne adda-
tur,quod ex A D3 Erga queex CB,BD,
D A quadrata, zqualia fantbisCB, BD
contento, & quadratis quz ex A D, DC,
Sedillis,quz ex BD,D A, quale eft quod
¢x A B( eft einm angulus ad D:reg}ns)

bprop.7.a

illis
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-illis verd qug ex AD,D Cequale eft quod

ex AC, Ergo quzex CB,BA,zqualiafunt
&illi quod ex A C quadrato; & illiquod -
bis CB, BD continetur. Quare quod ex
ACquadratum minus eftillis,quz ex CB,
BA quadrms, re&angulo bisBC,BD
contento, In triangulis ergo acutanguhs,
&e. Q_od demonfirarc oportuit,

Propoficio 14.Probl.2,

Dato reclilineo aquale quadratum
conflituere.

Es-r o re&ilincum A ,cui oporteat 2=
qualequadratum conflituere. 4 Fiat aprep, g Y
reQilinea A zquale parallclogrammum
reGtangulum B D. Siigitur BE, E D fue-
rint zquales,faGtum et quod petitur; eri¢.
enim rc&llmco Azqualc quadratu BD.

“§i non 3 erit vna~

1pfarum BE,ED
maior +  Sit ma-
:or BE,,qu produ-~
DB & caturin F. Hatque bpn; a1

FE,ipG E D zqua-

lis, cbxfeccturquc FBinG, &cenu'oG Cpmp.1e. 1y
interuallo G B, aut G F defcribatur femn-
circulus BHF, & producatur DEinH,
Fs dy-
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ducarurque G H. Cum itaque re&a BF
fc&afit zqualiterin G,inzqualiterinE;
dprop.s.20 derit qued B E, EF continetur, cum eo
vod ex E G quadrato, zquale ¢iquod ex
F quadrato. Sunt autem GF, GHz-
quales. Quod ergoBE, EF continetar
cam co quod ex G E,zquale eftilli, quod
8prir 47 ex G H;illi verd quod ex GH,ezqualia
¥ funt quz ex H E,GE quadrataiergo quod
BE, EF continetur,cum eo quod exGE,
zquale cftillis,quzex HE, GE:Com-
mune auteratur,quodex GE; & eritreli-
quum,quod BE, E F continetur, zquale
ei,quod ex EH quadrato:fed quod BE,
EF continetur eft ipfam BD, fiquidem
EF, EDluntzquales: parallelogrammi
ergoBD gquale cftei quod ex HE qua-
drato: Eft autem B D zquale re&ilinco
A:crgoré@ilineum A zquale eft quadra-
toex E H defcripto. Datoergore&ilineo
A,zquale quadratum conflituimus,
id nimirum quodex EH,
Quod facereq-
portuit,
0 w0k (0)sor

R =0t

LislIL
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Dis,

Definitiones.

3. ZEquales circuli funt, quorum diame-

tri funt zquales; vel quornm qua
ex centris funtzquales.

3. Re&a linca circulum tangeredicirug,
quz contingcns circalum, & pro«
du&a ipfum non fecat. 2 figura
Prope[-16.linca A tangis cireniuma
ABC. In13.&19.D K tangit circu-
lum ABC.

3 Circuli fe tangeredicaneur,qui feipfos
contingentes, f¢ ipfos non fecant.
Cirenls [¢ contingunt ant sntersns, b
propof6.cirewli ABC, DECsantex~
terius, vt propof. 12, Girewli BAC,
PAE. . :

4Tn
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4 In circulg zqualiter a centro diftare
dicunturjre@z linez, cum i centro
ad ipfas perpendiculares duGz -
quales fuerint. V¢ propef. 14. lince
A B,CD dcentro K, equaliter difiane
quod E F.EG fint aquales.

5- Magis diftare dicitur, in quam maior
perpendicularis cadit. ‘

6. Portio circyli, cft figura quzreQa li-
nea & circuli circumfereatia conti-
netur. Ve snprimapropof.funt portige
n¢s ACB,AE B.

7. Portionisanguluseft, qui reGalinea,

- &circuli circumferentia contine~
tur, Veinprima propof. [unt angsls
C AB,E AB,reita AB, (7 perspheriss
CA,EAcontents,

$. In partionc angulus eft, cum in cir=
cumferentia portionis acceptum
punétum fuerit, & abipload termi-
nosreftx linez,qu eltbafis portio-
nis, iungunturreétz , angu us.in-
quam hisre&is contentus. V¢ sn26.
propof-angnlss ED F qﬂi_r; portioney
EDF. A

9. Quando vero linez angulum conti-
nentes, afumunt peripheriam;in
illa infiftcre angulus dicitur, Veim

e
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propof-27. angwius E D Finfiftie peri-
- pherie EF. \ -
10. Se@or circuli cft, quandoangulusad
centrum circuli confliterit, figura
ontenta reis lineis angulum ¢3-
prehendentibus, & peripheria ab
ipfis aflumpta. V# snpropof. 27.feltor
 dicitny fignra EHF.
2. Similes citcnli porticiies funt,que cas
piunt quales angulos autin qui-
busanguli zquales confiftune, =

- Propofitio 1. Probl.1.
Daticiveslicentrum inuenire.

Sto datus circu-
S lus AR C, cuius
cétrum inuenire o«
porteat. Ducatur
quzdam reQa lir;)eia
| ABvtcunque, #bis 55,4 14,
A fecctutqu::1 inDjat- e f"
® que per D ipfi AB
ad b angulos re&os bprap,is.s;
' erigatur DC, ¢qu ¢ poput .
roducatur in E) & dbifecetur CE inF. dprop.o, 1.
%ico F centrum effe citculi ABC. Sinon;
fit,fi fieri poteft, G, ducanturque gA‘.

»
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GD,GB;&cumAD, DB’gqualesﬁnt§
_aprop.. 3. communis D G; eeruntduz AD, DG,
duabus GD, D B zquales, altera alteri;
fprpdot.f & bafis G A gqualis baG G B ; funt
enim ex centro G: g ergo & anguli
- ADG,GDBzqualescrunt: Cum au-
tem re&a fuper re@am confiftensangu-
los deinicepszquales fecerit , reus erie
vterqueangulorii:reGus ergo G D B;
fed& F D B reQus cft; eft ergo angulus,
F D Bzqualis angulo G D B, maior mi-
nori,quod fieri nequit. Non ergo G cen-
trum eft. Similiter oftendemus quod pre-
ter F nullum alind: F ergo centrum c(sh
Quodinuenire oportuit.
Corollarium.
* Exhis manifeflumeft, fiin circulore
Qaquzdam re&tam ?uandam bifariam,

& ad angulos re&osfecet,in fecantecens
trum circoli cffe.

- Prepofitio2. Theor. 1.

Siincirculs peripheria dwo puncis ase

cipiantur, reciaillacomiungens

intracircslumcades.,

Stocirculus ABC, &ineius periphes
ria accipiantur quzcungue duo pun=
&a A,B: Dico re@am) queex Ain Bde-
c : e
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citurintra cicculum cadere. Si non : Ca-
dat,fi fieri poteft,extra, vt AEB, & acci-
piatur centrum circuli A BC, qued fit D;.
junganturque D A, DB, & producatur
. DFinE.Quia DA
agqualiseftipiDB; , gr , ,
boerit & angulusbprop.g.ts
DAEangulo DBE
zqualis ; cumg; tri-
anguli DAEvnum
latus A E produ&id
ficin B, ¢ eritangu-
. lus DEB maiorau-
gulo DAE:zquales
funt autem anguli
DAE,DBE, maior ergo efi DEB an~
gulus quam D B E ;d maior autem angu- drop.1g,
lus maius latus fubtendit; maius ergoeft =
D Blatus,quam D Eseat DB iph DF - e defitse
quale eft; maiusergo et DF, quam D E,
minor maiore,quod fieri nequit: Non er-
g0 quE ex Ain B ducitur extra circulum o
cadit. Similiter oftendemus quod necin .
ipfam peripheriam ; cadet ergo extra,
Siergoin circulo, &c. Quod
oportuitdeman-
ftrare.
-
) " Proa

cprop.ad.ae
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Propofitio 3.Theor. 2. °

3i in circulo reita quadam lines per
centram duila s reciinon percentyum
duciam bifecet , & ad angulos reitos
ipfam fecabit : Etfi adangulosre-
CGos ipfam fecet bifariam
quog, fecabis. '
Sto circulus A BC, & re@a quzedam
CD pet centram ,reCtam quandam
A B non per ¢enitrum duétam bifecetin
F. Dico quod & ad angulosreGosipfam
fecet. Accipiatur enim centrum E,ducan-
turque E A,E B, Cumque AF,F B zqua-
les ?mt,communis FE;cruntduzA F,

* F E duabus FB, FE,zquales bafifque EA,

bafi EB : dergo & angulus A FE angule
- BFE zqualiserit. Cum autern re&a fu.
. =S per recticonfiftens
angulosdeinceps ¢=

[ quales fecerit, b re-
Qus erit vierque 2-

qualium angulorii:

: vterque ergo AFE,
AF BFE re&userit: er-
. D go CDpercentrum
dyQabifecat AB nmgr centrum duli.
Zuiy,ulqwiquf + ~ Sed

[ N
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Sedism CD ad angulos reGos fecet ipfsi
A B; dico &bifecareipfam, hoceft, AF,
F Bzquales efle. iifdem conftru&is,cum - - ,
EA, EB zquales fint ; cerunt & angulicprep.g.re
EAF, EBF zquales : eft autem reGus -
AFEreGo BFE zqualis: duo ergo tri~
angila EAF, EFB,duos angulos duo-
bus-an%ulis £quales habentia,& vnum fa-
tus Vi lateri,nempe commune EF,quod
:ni zqualium ahgullorum ﬁlxbtenditur, .
habebit & reliqua latera reliquiszqua- 4,pyp, 2¢.
- lia:zquales erge:l funt AF, F B?Sicr qo in 200
. circulo, &c.Quod oportuit demontftrare,

_ Propofitio4. Thecr. 3.
8% in civculo due relle linea fe mutad
Secentsnonper centrum dnite,fe
. bifariammenfecabunt.

: Stocirculus |
ABCD,in
\D ¢oq; duz reGz
AC,BDnéper
“centrum du@z,
fe invicemin E

¢ fecétDicoquod

: fe bifariam non

fecent. Sifieri poteft, febifariam fecent;
fintq; & AE,EC;&DE, B Ezquales; &

o G acci-
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accipiatureentrum F ducaturq; FE.Cum
ergo reQa quadam F Eper centrum da-
_ &a, re@am quandam A C nonpercen-
Rprops.z. trum ductam bifecet, ad reCtos g angulos
iplam fecabit: angulus ergo FE AreGus
eft. Rurfus cumre&a FE, reGam quan-
damB D non per centrum du&am bife-
bprep. 3. 3¢ cet,ad bangulos reGos ipfam fecabit s re-
Gusergoelt FEB. Oftenfusautem eft &
.~ FE Are(tus:ergoREA,zqualiseft FEB,
minor maiori, quod fieri nequit: noner-
go AC,BD fe bifariam fecant. Si ergo
in circulo, &c. Quod oportuitdemon-

firare,

‘ Propoficio §. Theor, 4.
SidWo éirculi ¢ inuicems fecuerint, nomw
erss ipformm idem centrum.

Vocircu- .

li ABGC,

CD Gfc ipui-

G ¢€ fecentin B,
& C. dicoipfo-
rumnon effei-
dem centrii. Si

B eft;Eflo E,iun-

; gatur EC; & ducatur EF G vtcunque. Et
addfasri quiaE centrum eft circuli ABC,uerit EC
T Zqua-

\
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#qualis EF. Rurfus quia E centrumeft
circuli C D G berit& EC zqualis EG: bdefissns
Oftenfa ¢ft autem E C zqualis EF. crit -
igitor EF 2qualis EG, minor maiori.
. Quod fieri nequit. Nonergo E centrum

eftcirculorum ABC,CDG.Siergoduo.
circuli,&¢. Quod oportuit demonftrare.

Propofitio6. Theor. 5.
Si dyo circuli interin [ contingant,
non crivillersmidem cen-
srams. o

VO cdirculi
ABC,CDE
fetangitinteriusin
C.Dicoillorumnd
effe idem centrum.

Sieft : EftoF, iun-
2 gamrque FC, &
ucatur F EB ve-
cunque. Camergo F centrum fit circuli
ABC,acrit FC zqualis FB. Et cumF adefss.r;
centrum etiam fitéirculi CD E,berit F C bdefasa
zqualis F E : dsmonftrata eftautem & FC
zqualisF B: ergo F Ezqualiseft F B, mi«
nor maiori ; quod fieri nequit. Nonergo
Fcentrum ea circuloruwm % BC,CDE.
- ' 3 Si
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Siergo duocirculi,8c.Quod demoriftra~
re oportuit. .
Propofitio>. Theor.6.
Si im diametro circuli accipiasur pun-.
ciwms,quod cemsrums non fit,ab eoques
in civowlum cadant roita guadam,ma-
xima eritin qua eff centrum; minima
religua. aliarum verd propinguior ei,
- guaper centrum tranfit yemotiorer
[emper maior ¢ft: Dus dusem tantums
, aquales apunéloim civeslum caa
dent adutrafgue partes
ipfinsininima.
= Sto cirenlas
ABCD, dia-
metrus eius AD,
jn qua fumatur
punétum quoduis
F, quod centrum
non fit. Centrum
auté ficE: Cadane
ab Fad circulum
re&z quzdam F B, F C,F G. Dico maxi-
mamefleF A,minimam F D:aliarum FB
maiorem,quam F C; & F Cmaiorem qg
S L]
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F G. jungantur enim BE,CE,GE. Et
quia omnis trianguli 4duolaterareliquo aprapae.r,
‘maiorafuntserunt EB, EF maioresBF;
Eftautem A Eipfi B Ezqualis ;funt ergo
BE,EFzqualesipfi A F; maiorigitur eft
AF quam BF. Rurfus cum BE,CE2- -
ales fint communis EF; erunt duz BE,
E F,duabus CE, EF zquales; fed angu- ¢
 lus BEF § maior eft angulo CE P: crit baex.s)
¢ igitur & bafis B Fmaiorbafi CF. Ean- cprop. 241
dem ob canfam maioreft CF,quam F G.
Rurfus cum G F, FE maiores fint quam
EG:&EG,EDezqualesjerunt GF,FE
maiores quam E D; tomwmunisauferatur .
EF;dreliquacrgoGF, reliqui FD ma- dex. s,
iorerit. Eft erge F A maxima ; minima
D F;maiorautem FR, quamFC, & hazc
maior quam F G. Dico fecundo, quod ex
F duz tantum 2quales ad circolum ca-
dantvtringue 4 minima DF. e Conflitua. cprop.a3.2
turenimad Ere@e EF,angulus FEH ¢-
qualis angulo GEF, ducaturque FH.
Cum ergo GE, E H zqualesfint, com-
munis EF erunt duz GE,EF, duabus
HE, EF aquales,angulufque GEF, an-
ﬁulo HE F,zqualis: f igitur & balis F G fprep. 4.7,
afi F Herit zqualis. Dico tertio, quod
ipfi F G nulla alia zqualis ex F ad circu-
. G lum

Lo
.



102 LIBER IIL

lum cadat.Sienim
" cadity; Cadat FK.
Cum ergo vtraq;
FK,F }Fi)pﬁ FG
fitwqualis; g cric 8¢
FKipfi FHzqua-
lis : propinquior
ergoei, quaeit per
centrum, Zqus
eft remotiori, quod fierinequit, Vel fic.
Ducatur EK. Cum ergo GE, EK zqua-
hbefss. losfint,communis FE,itembbafisG E
ipreg.du. bafi FK 2qualis;serit & angulus GE F
‘angulo KEF 2qualis:fed G E F zqualis
cftangulus HEF: ergo& HEF zqua-
lis erit ipli KEF,minor maiori,quod fieri
nequit. Non ergo ab F plares vna ipfi
. GFzquales ad circulum cadunt. Si
- ergoindiametro,8ec. Quod
" eportuit demon-
firare.

gasr,
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Propofitio 8. Theor.7. -
© Siextracirculum ascipiatur punitum,
ab coque ad circulum ducantur reie
quedam linee, quarsm wna per cen-
grum tyanjeat,reliquavt libet. Earum
quidem,quain casiam peripheriamca-
dunt,muximacft,queeft per centrum:
alisrum werd propinguior i, que per
centram, remotiore [emper maior esl.
At caram, quainconuesxam peripheri-
am cadunt,minimaefl, gueinter pun-
EHum & diametrum inserijeitur s alia-
TUm VErd s qie propingwier minima .
Semper remotioreminor ef. Due auté
- santum equales i punitaimciren

Ium cadunt advirefg par-
. lesminima. ..

Stocirculus.AB C; extra quemracci=
JAvpiatur pun&um D, ab ipfoq; ducan-

tur rebz quzdamadcirgulumBA, DE, .. -

D P, D\.C,ducaturque D A percentrum.
Dico.quod cadentium ad cauam periphe-
riam A EP C maxima fit, quz per cens

trum tranfit, D A; minima, quz inter . . .

pun&um D, & diametrum A G.nterijci~
G 4 tury,
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tur,quz eft D G; maior autem DE,quam
D P,& hzc maior quamn DC. Earum ve-
; ' td quz in conuexam
peripheriam HLKG
cadunt {emper pro-
pinquior MINIM 8
D G, minar eft re-
motiore,hog¢ eft, DK
minor ¢ft quam DL,
& hzc minor quam
DH,Acgipiatur cen-
trum M, iungantur-
que ME,MP,M G,
E " M H ’ ML,KM. Ee
adefs 5, T A cum AM,EM« 2,
quales fint,communis addatur M D,erit-
que A D zqualis verifque EM, MD; fed
bprep.se.r. EM MD maiores {funt quimED; ér-
Eo & A D maiareft quam E D. -Rurflus
{ E,MP zqualesfuot, c@munis addatue
MD; eruntq; EM, MDD zquales ipfis PM,
MD:fedangulus EM D maior e({ angule
‘”’GMI’.PMD': ccrgd‘& baﬁsﬁnmﬁqr . %ﬁ
P D.Similiter otédemus P D maioré effe
CD. Maxima ergocft DA; maior DE
quam DP,& D P maior quam DC.Cums
dprop.20; Qu¢ MK, KD 4 maiores fint quam M D;
sans &M Gaqualis MK; ectit reliqua K D
: maior
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maior reliqud GD:Quare G D minor cft
quam K D, eft enim omnium minima,Ee
quialinexs MK,KD a terminis lateris MD
intratriangulam M L D conftitutz fuot,
£ eruntillz mineres quam M L,L D:funt fpropar. i,
autem MK, ML zquales: ergo reliqua
D K minor eft, reliqui D I.. Eodem mo-
dooftendemus D L minorem effe D H.
Minimaergoeft DG; minorauvtem DX
quam D L,& D L minor quam DH. De-
ind¢dico, quod 3 pun@o D tantum duz
&quales in circulum cadant ad verafque
partesminimz, g Confliciaturad M li- gprep. 208
nez MD angulo KM D zqualisD MB,
ducaturque D B.Cum ¢rgoMK,MB 2-
quales int, MI) cGmunis;erunt dug XM,
M D,duabus B M,M D, zquales,altcraal-
teri, funt vera & anguliKMD,BM D 2-
quales, & eruntigitur8cbafes DK, DR horop.goe
zquales, Dicatertiore@z D Kd punéla
Dadcirculum 2qualem aliam pon ¢ade-
re,Si enim poteft, cadat DN. Cumergo
DK fitzqualis DN; &ipi DK zqujis_
D B; erits & D Bipfi D Nzqualis, pro- iaxs
pinquior minimz remotiori, quod ferj
non pofle demoaftratum eft. Aliter, Du-
“catur MN. Cumigitur KM, zqualisfic
MN,communis M D,& bafis D Kzqua-
‘ Ggs lis



106 Lt IBER 11L)

kprpd.r. lisbaliDN, k erit & angulus KM Dan-
gulo D M N zqualis: fed K M D zqualis
eftanguloBM D:ergo & BM D xqualis

erit N M D, minor maiori; quod fieri ne-
quit:Non ergo pluresquam dug i punQo

/ Dadcirculum A B C zqualesad vtrafque

artes D G cadunt, Si ergo extra circu~
um,&c.Quod demanftrare oportuit. .

Propof 9. Theor.8.

Si intracirenlum accipiaswr puniinm,
abeoque ad circalum plares guam dua
aqualesreiiacadant,erit scceptums
punilumcentyum circuls.,

EStointra circulum A B C acceptum
pun@um D, ab codue ad circulam
A B Cplures quam duz reGte equales ca-
i dant,nempe DA,
F~\.c DB,DC.DicoD
centrum effe cir-

-\ _culi ABC.iung3-

D Gtur AB,B C.bife- -
9 centurduein E&
A_\J Fa & iun&c E D,
DF,producantur

in G'. K & H, L.
Cumergo AEzqualisit E B,tomn;xln)is

E
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E D:eruntdug A E,E D,duabusBE,ED
xquales; eft 4 vero & bafis D A bafi D Ba ex bypec
zqualis: eritdigitur & angulus AE Dan- thef.
gulo BEDzqualis: e re@usergovterq; :’5:;"::'
eftifecatdergo GKipfam AB bi?ariam,’& dprop.3s.
ad angulos re&os. Etquis, ¢ quandoin ccorprop. |
circolo re®@a re@am fecat bifariam &ad r.3.
angulos reos , in fecante centrum eft
circuli,eritin GK centram circuli ABC.

Eadem ratione centrum erit in HL: &

nullum aliud commune pun&umhabent
re@zGK, H L prater D:eft ergo D cen~

erum circuli ABC.Si ergointracirculum,

&c. Quod opostuitdemonttrare,

Aliter.

INtra circulum ABC famatur punGum
D, abcoquead circulum plures quam
duz re&z zqua~
9 les cadant, DA,
DB,DC.DicoD
@ £ __\g effe centrumir-
) culi ABC. Sinon
eLEfOE, & i~
&a DE produ-
ABC  auwinF&G. .
o Eftautem F G diametrus circuliA BC. 3 2ifs50)
Cum ergqin diamstro F G acceptum fie
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pua&um D, quod centrum circulinon

bprsp, 733, efib esit D G maxima;maiorautem D C
quam DB, & DBmaiorquamD A; fed
& zquales funt; quod fierinon poteft. E
ergo centrum circuli A B C noq eft.Simi-
lirer oftédemus quod prater Daliud aul-
lumn; D ergo centrum eft circuli,

Propof(10.Theor.9. ,
Circulus circulum in pluribus, quam
duobus punitis pon fecat,

SI fieri poteft fecet circul® ABC circuli
AJ DEFin pluribuspun@&isqui duob?,ve
A inB,G,F,H,
iund¢y;BG,
- BHabifecé-
R :turinK & L;
Kpatq; exK, &
"L ipfis BG,
BHad b an.
gulos reos
dutz K C,
A "LM,inA%

E predgcantur, Ci ergoin¢irculo ABC
re&ta quedam AC,retam quandam BH

¢ prop.3.3. bifariam, & adangulosreQosfecet ¢ erit
in AC ceatrum circuli ABC;Rurfus cum

ineadem circuloA BCre@y quzdi NX
.. reGam

bpropanr. |
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re&am quandam B G bifariam , 8 ad an-
gulosrecos fecet, 4 eritin N X centrum dprep.g.50

irculiA BC, Demonfiratumautem eft
uod & in AC: atquiin nulloalio pun&o
re&z A C,N X concurrunt, quamin O;
eftergo O centri circuli AB C. Simili-
ter demonftrabimus centriicirculi DEF
in O efle:duorum ergo circulorum ABC,
DEF feinuicem fecantium idem eft cen-
trum O: ¢ quod fierinequit. Non ergo eprop.2.30
circuluscirculum, &c. - ‘
Aliter. Circulus ABCeirculum DEF,
in pluribus quam ducbps pundis fecet
vtinB,G, H, F,Accipiatur circuliAB é
A éentrum K iun.
ganturque K F,
KG,KB. Cum
ergointra ¢ircue
lum D E Facce-
ptum fit pun&@ii
4 K, sb coue ad
: - Q ¢irculum DEF
cadantplures quiduzre@z zqualesKB,
KF,KG,acritK centrum circuliD EF: a'prop. 9.9,
fed eftetiam centrum circuli ABC: Duo- k
rum ergocirculorum fe fecantium idem
eft centrum; quod fieri non poteft.Non bprep.sige
ergocirculus circulum in pluribus quam '
' - duo-

1

é
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duobus pun&is fecat. Quod oporthit de-
monftrare,

Propofr3.Theor.1o. !

Siduocivenliféintering contingant ye-
34 lines corum centra copinngens , f§
producasuy,cadetincontaiiam

circulorum, |

Vo'circuli AB C,ADE interiusfe '
contingantin A. Accipiatur circufi
quidem A BC centrum F; circuli verd
A - ADEcenium G;
~ Dico quod, quzex
G inF ducitur, fi p-
ducatur, in conta-
Gum cadat. Sinoo,
€ Cadatalid,iFGD |
H,iungantur§; AF,
: . AG.Cumergo AG,
aprap.aes. G Famaioresfint quam F A,hoc eft,qui
' FH(aqualisenimelF A, ipfi FH, eft e-
' nim vtraque ex centro ) auferatar com-
munis F G : reliqua ergo A G maior erit
' pdef.aga. reliquaGH:eftautem AG,ipfiG D b2-
qualiszerit ergo G D maior ipfa G H, mi-
mor maiore. quodfieri nonpoteft, Nen
’ - crgo
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- ergoquzex Fin G ducitur, extraconta-
&um A cadet. Ergoinipfum. .
Aliter. Cadat vt GF C, quain H pro-
ducatur,iungantarg; A G, AF. Quiaer-
0AG, GF ¢ maioresfunt quam A F: ¢ prap.90.
¢d A F d zqualiseft C F,hoceft, FH: ddefiss.
communis auferatur FG; eritque A G,
quamreliqui G H maior:hoceft, GD
maior erit, quam G H; minor quam ma-
ior; quud fierinon potefl. Idem abfur-
dumdemonftrabimus {i maioris centrum
fit extraminorem circulum. Siergoduo
circuli,&c. Quod oportuit demonftrare.

Propof.s2.Theor.11.

Siduocirenlifef¢ exterius contingant ’
redlaipforsmeentraconiungens
per contactum tran-

fibis.

VocirculiABC, A DE tangantfe
exteriusin A.accipianturque circu-
lorum centraquz fintF, G. Dico, quod,
uzF, Giungit, per conta@im A tran-
eat. Sinon: tranfeat, fi fieri poteft, vt
FCDG; &iungantur AF,A G, Cum

igitur Fcentrum fit cicculi ABC; 4 erit defi15;

A,zqualis F C: Etcum Gfitcentrum ’
circu~
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circuli ADE; erit& GAipfi G D zqua-
lis. Oftenfa eftautem & FA zqualis FC,
SuntergoFA, AGipfis F C, D Gzqua-
les. QuaretotaF G maioreritipfis F A,

bprop.aea. AG:fed &b minor cft:quod fieti non po-
teft. Non ergo queex F in Gducitura-
liorfum quam per A contallum tranfit,
Siergoduocirculi, &c: Quod oportuit
demonttrare. ‘

Propof.r3.Theor.12.
 Circulus circulumin pluribus punéia
. Uno non tangit, fincinterius,

. fiue exterius tam-
- gat.
SI feri poteft , tangat primo circulus
ABD Ccirculum EB F Diateriusin
pluribus quam vao punétis, vtin B, D:
, , &
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& famatur circuli ABDC centram il ¢
citouli EB F D centrum H: ergore&a
- centraG, Hiurigens 4 cadetin contaQug s prepinp,
B,D; cadat&BGH D.Cumigitur G fic
cécrumicircili A BD Cyerit B Gequalis
ipiG D,mnongltnr HBG uam HD:
multo: ergamox‘ BH, quam HD.Rur.
fus cum fit H centrgm
- circuli EBE D,2quae

“liserit BH lpﬁ HD:
" oftenfadftautem mul-
tilla mamt.quodﬁe-

t@rmg it s qu
vno pnn&o nangut.D:co qﬂ“ad neque cxe
terius. Si enim fieri poteﬂ,tangat airculus
A CK circulum A B D Cexteriusin plu-
ribus pun&is vno, ytin A,&C, luﬁgan-
turdue A, C.Cum ergoin peripheriacir-
culoram A:B D C, A'C K acceptafint
«irzcunquepmﬁa A %C,a cadmtg&s ””"""
a coniungens intra. vizam ug '

lum.Sed cadglt quid€in circtlem .
extraverdcirculum ACK. 3 b}"‘.‘- op:
abfurdam.Non ergo circulus¢ c:r ‘

train plunbus pundlis yso mmbo?n—
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fum eft autum quod neque-interiusd
Circulus ergo, &c- Quod oportuit de-.

monftrare,

Propofr4.Theor: 13 |

15 circalo equales veclelinea aqualic
ver acentro diffans.Et, que equa-
- literacemtro diffans,e-
- gwales funt,

SVuto it circulo ABD Cretz A B,
sprpasr. WV C D, zquales. Dico eas zqualiter 3
scntrodiftare.Efto centrum E,d 4 quoad

‘ ¢  re&asAB, CD per-
pendiculares ducan~
tur EF,EG, &iun~
gantur AE,EC.Cum
crgo re&a EF per cé=
trum du@a, reGam
N ' -~ quandam A B non
bprepss. per centrumdu®@am, ad angulos re&os
fecet 3 b & bifariam eamfecabit : 2qua-

. leserpofuntAF, FB: ErgolA B dupla
Adepimir. eft ipéus’AF. Obeandem caufameftC D
butme, duplaiplus CG:e zqualesergofunt A F;

eax.7, C G:cum igimt: d&AE, E.Cae‘qnale‘s .

ﬁﬂtg
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ﬁnt:j‘ erunt & quadrata i,pgarum‘fa& EEC
ualia.Suat autemei quadrato fqued ek f i
.%qE,zqualia useex AF,EF (eft egim ang dadd
gulusad Freus ) el sytem, quod ex EC
e qualia funt,que ex EG,GC (nam &an:
gulusad Gretusefl.) Suint ergo quzex
AF,EFaqualiaillis,queex CG,GE.Cit - -
ergoquod cx AF, zqualefitilli, quod ex
G C{lunt enith A F, C G zquales)erit 8¢
reliquum quod ¢x FE, reliquo quod ex
E G,zquale:funtergo EF, E Gaquales. dfg b
£ Incirculo autézqualiter i centro abefle 8“7'%
dicuntyr re&z, quando perpendiculares
ex centroad ipfasducke,equalesFucrint..
Sediam diftent A B,C D zqualitera cen=
tro, hoceR, EF, EGfintzquales. Dico
AB,CDzquales efle.iifdem conflruétis, °
demonftrabimus, vtprius, AB duplam
efleipfius AF, & CD ipfius®;, Cum-
que A E, CEzqualesfint;erunt & earum .
quadratazqualia, b, Suntverdei, quod hpropgyn
ex A Ezqugalis,que ¢x BF,FA: ei,quod
exCE,illaqueax EG,& C: cggc quéex
EF,F A funtillisque x E 6,GCxqua-
lia. Camautemeiquod exE Gaqualefis
quod ex EF ([untenim E G, EF zqua-
les)eric & reliquum,qil;od ex AF;reliquo,
1a qued

»
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quod exCG, zquale, zquales ergofune
AF, CG.Eftautemipfius A Fdupla AB;
& ipfius C G dupla CD; zquales ergo
funt AB,CD.In circulo ergo #quales ree

- &=,8¢,quodoportuitdemonttrare, -

€ prop.isnt

bdd.s.s.
G)D’.J. 1
dpmp.aian,

Propof.r§.Theor.r 4.

Incircnlomaximaesidiametyus: aligs
rum verd femper guk propinguior
e5tcentroremotiore ma-
forest.

Stocirculus ABC D, cuius diamee
trus AD, centrum E; propinguior
diametro B C,remotior fit F G,Dico mae
ximam effe, A D,maio-

tem BC,quiF G.«Du-

{5 canturenima centro ad

B.C,F Gperpendicula«
resEH,EK.EtquiaBC

NDC propinquior eft centro,
remotiot FG: b maior

erit EK,quamE H. ePonaturipfiEH 2«

qualisEL; &per L 4 ducaturipfiEKad
angulos re&os L M; qua du&ainNiun-
aatur EM,EN,EF,EG.Cum erngH
ipi E Lfitzqualis, ¢ erit& BCipiM N
aqua~

|

- e ) St ARy p—-.. .. S———
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pqualis, Rurfuscum AEipiEIMGIED ¢ 1000145
:grbipﬁEN ficmqualis; er‘i’t&AD' fis i
ME,NE zqualis:fed fME,N Eipfa MN
maiores funt: erit ergo & A D maior qui
MN.Etquiaduz MEE N, duabus FE, £ prep 208
E Gzquales funt; angulus verd MEN
maioranguloFEG: gerit&bafisMN
maior bafi F G:fed M N oftenfaclt zqua- garp 243

lisB C: ergo & B Cmaior eft quam FiG:
Maxima'ergo oft diametrus; maiorBC
quam F G, Siergoin tirculo, &c. Quod
oportuit demonftrare. ‘

-;Rropoﬂm&.’fhcéé.u.‘- o
Quediamétroad angulos rectos ab ex.
sremitaseducitur, extracircaluns ca~
dit.Etinlacit, quiinter reclam lineams
& peripheriam interiicitur , aliarecls
won cadit. Et [emicircnls angnius omni

acatoredliliveamuaior el reliquue
ESto circﬁlusABCcdemm D,
&diametrum AB.Dicore®i lineam
ab A ipfi AB ad angules re@os dutam
extra circulum cadere.Si non:cadat,fj fie-
ripoteft,intra,vt AC, & iungatur D C,
H3; Cum
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. €CumErgoD Afitzqualis DC,erit &an3
gulus DA C angulo A CD zqualis: cft
autem D A C* re®us,

*ex hypo- reGusergoerit& AC
thefs. ED: funtirgo D A’C;
A C D ducbus reéis
} _ zquales, @ quod fiert
VIPYITe A nequit;Non ergo que
ab A punéo ipﬁ%ﬂ

.Id angulos re&os du-
citur, intra circulum

cadit. Similiter oftendemusquod necin -

eripheriam : ergo extra cadit, ve AE.
icofecundd,inlocuminter AE,& peri-

pheriam CHA interieGum,aliam re@am

non cadere. $ipoteft: Cadat, vt F A,du-

caturque ex D ipfi F A perpendicylaris

*DG. Etcumangulus AG B re&usfit,
bprer,22.t h minor re@o D A G; ¢ erit AD maior.
it quam DG : eft autem D A zqualis ipfi
: D H;maior ergo eft D H,quam D G, mi-
normaiore; cluod fieri nequit. Nonergo
inlocumre&a AE, &peripheraCHA

. ingerceptum,aliare@a cadit. Dico tertio
angulum femicirculi re@a AB, & peri-

~ pheria CH A contentum, emni acuto
teQilineo maigrem effe; reliquum verd
peripheria CH A, &re@i A E conten-.

- . tum,

|
|
[



LER2ERHEL ue
¢am, minorum, §ienim eftaliquisangy-
gulus maior contentore@4BA, &perih
pheria CHA 5 minor verd contento pe-
ripheria CHA & re@i A E, cadetinter
peripheriam CHA,, &reGam AElinca
rea, quefaciatangulum majorem re@i
B A,& peripheria CH A contentum(qui
re&tislineis contineatur ) minorem vgrd
peripheria €H A, & re@a A E tonten- -
tum:at noncadit. Non ergo eritangulus
acutus reis lineis contentus,, qui maior
fisangulo re@aB A, & peripheria CHA
contentoihicq; minor,CHA,8& A E cons
tentas < - :\‘} e
" "Corollarium.

- Exhismanifeftum eftre@am,quedia- - . ..
metro ab extremitate ad‘angulos reGos
ducitur, circulum tangere. & re@am cir-
;uku‘nip ¥no duntaxat én&q&nggea
1quiderh.qua tirculavin dtiobud' pun&is
occmum.wms_éimmmaaa&aew dprpdgy
fum cft.Quaergo tineliviolsdd quod 6= "~ ¢

portuisdémonfleare. Tl o
Propol.r 7.Problz,
«Adaropunctoreciamlineam ducere,

qua datsmcireslopiangat.
' H 4 Efto
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ESto pun&um datum A, circirlus da
tus B CD. Oporteat autem ex pun<
. &o A re@iducere, quas
p A circulum B C D tangat.
Accipiatur cérum cir-
culi ducaturque AE,
& centra E, interuallo
EA defcribatur circulus
. propanie AEG,&exDrefizE Aad aangnlos re-
Qos ducatur D Fiungantyry; EBF,A B.
Dicoidpun@o A reGam A du@am ef-
fe,qug circulum BCD tangat.Cum cnim
Ecenurumfitcircnloum BCD, AF G;
bdefss. ferunttam EA,EF,quam ED,EBa»
quales: duzcrgo AE, EB dusbus FE,
EDzq uale,s funt, l\abﬂl\, ueangulim E
o g1 COmmuné:l¢ critigitur DiFbafi AB
Mkt zqualis; & tnaugulnm DEF,tnan
E Azquale; reliquique au%:{l
eftigituripiEDFe uahs at
rectus cft; erit ngm.n' & EB Are@us. Eﬁ
dpfpas- verd EB ex centro : 4 quzautem diame-
#i®3 gra circuli ad re@os ducitur reta linca;
tangit circulum : tangit ergo A B circus
lum.A dato ergo pun&to,&c.Quod
oportuitdemanftrare,

12885

Pro-

|
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Propofitio 18. Theor. y6.

Si circulum tangat linea quadam re.

Ga,acentroastemadtaium reitadu-
catur,erit illaad tangextam per-~
' pexdimloni‘.

TAngat re&a

circulum ABC
in C, fumaturq;
centrumFrartque
: ab F ad C duca-
- D « - tur F C.DicoFC
ad DE perpendicularem effe.Si aon: du-
catur ab F ad D E perpendicularis F G.

Cum ergo angulusF G Cre@us it ; zerit, propiaat.
G CF acutus: b cumque maiori angulo bsrep.ss.r

maius latus fubtendatur, erit linea FC

maior, quam F G: Eft verd F Cezqualis cdef. 15

ipfi FB: maior eft ergo FB, guam FG,
minor'maiore, quod eftabfurdum: non
ergo FGad DE perpendicularis eft: Si«
militer oftendemus preter F Coullam ad
liam: FCergoad DE eft perpendicularis,
Si ergo circulum tangat, &c. Quod
oportuitdemon-

flrare. -
Hg Pros

qugdam DE -

T e
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Propofitio19. Theor. 17.
Sirecia lineaciveulum sangat, & i 14+
6in tangenti reila quadam ad angulos
rectos ducatur , erit inilla cen-

trum circuli.

’I“ ANGAT cir=
& culm ABC
rf.‘&a DE in C,“
: : :lingulg:s reQosdus
. % caturCA.Dicoi
= " F CA eﬁ'ecentn.ﬁ
circuli. Sinon: fit,fi fieri pateft, F, iunga-
turque CF. Cum ergo circulum AB G
_ tangat re@a D E; & a centroad taGum,
.apeop.18.3 duGa fit F C, aerit F Cad D E perpendi-.
colaris :angalus ergo FCE reQus eft s efk
vero & A CEretus: zqualisergoeftan-
gulus F C E;angulo A CE. minarmaio-
1i; quod eft abfurdum : F erga centrum
circuli ABC non eft, Similiter oftende-
mus nullumaliad efle, prater id quodin
. AG Si ergoreQalinea, &c. Quod
demonftrarcopor- -
. tuit,

oXi01)3gm

ooy . . r{‘; '
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~ Propofitio30.Theor. 18, .
In civculo angulus ad ceritrum duplus
¢t angali ud periphériam, quando
" eandem peripheriam pro-bafs
.2, babens,

< Y2 S7oin circula
~ . AwA'B C angulus
D ad centrum BEC,

- ad peripherii BAC,
- firquevtrinfque ba-
7 - fis peripheria B C.
‘ ‘» - Pico anguli BEC

- F e duplum effe anguli
B AC. iunQaenim A E producatur in F.
Cum aergo EA 2qualisfitipfi EB; erit adefig.z,
& angulus E A B zqualis angulo EBA: o
Suntergo E A B,E B A dupliipfius EAB; bprep.32.¢
eftbautein BEF zqualis dusbus EAB, -
EBA:Eftergo BEFduplusipfrus EAB,
ob eandem caufam eft angulus FEC du--
plusanguli E A C;totus ergoB ECtoti-
us BAC duplus efl. Sit alter angulusBDC,
iun&aque D E producaturin G; & fimi=
liter demontftrabimysangulum GECdu-
plumeffe anguli ED.C: quorum GEB
- dupluseltiptius EDBireliquus crgoBg.C_
! Lo
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duplus eritreliqui BDC. Siergoin circu-
lo,&c. Quod oportuit demonftrare.

Propofitio 21.Theocr.19.

In circulo qui im eadems portione funs
anguli,aquales funs.

‘ . S INT in portione
I BA ED circuli
ABCDanguliBAD,
BE D, Dico illos 2-
qualeseffe. Accipiatur
centrum F;ducanturs
queBF,FD. Et quia
- € angulus BFDadcen-

trumeft ;anEulus BAD adperipheriam,

* habentque bafim eandem peripheriam

aprepusn g, BC Diactic angulus BF Dduplusangu-
77" 1i B AD. Qb eandem caufam erit angulus
BFD duplus anguli BED; Sunt crgo
BAD,BED zquales. Incirculoergo, -

&c. Quod oportuit demonfirare,

Propofitio z2.Theor.20.
adrilaserorum in circslo deferipto-
“rum anguli,quiex aduerfo,dues-
bwsreida aquales funs.
' Sic
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Sl’t in circulo A B C D quadrilaterum
- &JAB CD.Dicoangulos exaduerfoefle
zquales duobus te-
€ &is. Ducantur AC,
BD. s Quiaergoom- apropgsr.
nis trianguli tres an-
guli duob’retis funt
A zquales; erunt & tri-
anguli AB C tres
CAB,ABC, B C A ducbusre&is 2qua-
les. Eftautem CA B bequalis BD C an- bpropuar.se
ulo ( funt enim in eadem portione
. BADC:)&ACBipf AD B (funtenim
in portione AD CB:) totusergo ADC
duobusB AC, A CB zqualis eft : Com-
munisaddatur ABC duobus BAC, ACB
fimul: & vni A D C feorfim ; eruntque
ABCBAC,ACBduobus ABC,ADC"
equales. ¢ fcd ABC, B AC, A CBzqua- bprepypais
Ies funt duobus re@is:eruntergo & ABC,
ADCzquales duobus reétis. Similitero-
ftendemus & BA D, D CB zquales effe
duobus retis. Quadrilaterorum er-
g0y8cc. Quod oportuitde~
- monflrare,

$E8EEh

. Ty | m— e o orm—— geArE—en W W
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Propofitio23.Theor.21.
Super cadem recta linea dua circulos
vumportiones fimiles, ¢ ineguales
#d cafdempartes, non

7 conftituentur.

; SIﬁeri potefl,¢5-
flituantur fuper
~ eadem re@a AB
duz ciralorii por-
tiones fimiles, &in-
. + zquales ad eafdem
partes, ACB, ADB; duaque ACD
jungantur CB}, BD. Cum ergo portio
addfug.” A CBfimilis fit portioni A D B, afimiles:
autem portiones zquales angulos capi-
* ant;erube anguli ACB, A D B, zquales,

Bhprepas.. externus & internus oppofitus, ¥ quod
' fieri nequit. Non etgo (uper cadem, &c.

Quod oportuit demonfirare.
Propofitio 24.Theor.22.
Super equalibus reédis liness fimsiles
cirenlorsm portiones,aqua-
les funt,

Slntfupct zqualibusreQis AB, CD fi-

miles circulorum portiones A E B,
’ CFD.
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CFD: Dicoillas eficxquales. Congru- _
ctiteenim portione AEB porrioni CED, N

E . N

A lp 22D,
pofitoque A pun&oluper C, &re@a AB
fuper CD congruet &Bipfi D,quod AB;
C D zqualesint. Congruenteautem re-
&a ABre@z C D; congruet & portio
AEBportioni CF D.Quod fire&a qui-
dem A B congruat re&z C D; portio ve-
1> A EB,portioni CF D non congruat;
fed alid cadat, vt CG D, fecabit circulus
circulum in pluribus quam duobaus locis .
vt in C,G,D;4quod ficrinequit. Non er- a#74p1oy
go congruente reta A Bre&z C D, non
congruct portio A E B, portioni CFD:
Congructergo, b adeoque zqualis illi e~ bee/dne
rit. Siergofuper, &c. Quod oportuitde-
monfirare.

Propoficio 2 5. Probl.3:
Dataporsione circuli,deferiberecircy-
Lums cuins eff portio. Co!

S Tedacacirculi portio A BC, oporteat-

quedefcribere circulum ; cuius A B ‘Q
- it
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aprop. 104 fit portio. # Bifecetur ACinD,8dex D
bprop.as. bducaturipfi A Cadangulosreétos D B,

AT

‘ iungaturque A B, An-
; ' Fnlus ergo ABD,angu-
25"\ lo BAD aut eft maior,

aut zqualis, aut minor.

eprop.agr. A\—o ¢ Sit primo maior, ¢ con-

flicuatarque ad A re@z
A Bangulus B A E zqualisangulo ABD,
producaturque DB 33 E,&iungatur EC.
: Cumitaque angulus A B E fitzqualisan- |
dprop. 6,1. guloBAE,derit & EB zqualis 1pfi AE;
& cum A D zqualis fitipi DC, ficom- |
munis D E addatur,eruntduz AD,DE, -
duabus CD, D E zquales,alteraalteri; &
angulus A D Eangulo C D E zqualis ;eft
eprsp.¢. 1: enim vterque rectus; eergo & bafis AE
bafi CE equaliserit. Sedipli AE dem8-
ftrata eft BE zqualis; eritergo& BE2-
qualisipfi CE:tresergo AE,EB,ECe¢
£pr9p. 5. 3. quales fune: fcirculus ergo centro E, &
interuallo vna ipfarum AE,EB,E Cde~
feriptus, tranfibit ctiam per reliqua por-
. | tionis
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tionis pun&a, & circulus defcriptuserie,
Circuliergo portione data, defcriptus eft
circulus,cuius eft portio ; & cum centrum
extra portioné€ cadat, manifefl eft por-
tionem minotéefle femicirculo. Simili-
ter i ABD angulus,fuerit 2qualisangulo

BAD, gerit A D zqualis vtrique BD, getfirw-
D C; Cl’g’o tres D A, D B, D C ;quales Hura,ex

funt,& D centrum circuli , portioque fe- £
micirculus. Si veroangulus A B D minor

rop.6.1.

fueritangulo B A D, 4 conflituaturad A bprop.s3.n

re&z B Aangulus B A E zqualis angulo
A B D,cadetque centrum in DB lineam
intraportionem ABC, & efit portioABC
femicirculo maior. Si efgo ducatur EC
oftédetur vtin primafiguratresBE,E A,
E Ceffe zquales. Dataergo portionecir-
culi, defcripruseft circulus, cuiuseft pora
tio, quod oportuit facere,

Prepofitio 6. Theor. 23,
In aqualibus civculs aquales angnli s
gualibus peripherits infiffunt , fiue ad
 centrafinéddperipherias in-
. [iftant,

N citculis zqualibus ABC, DEF 2=
qualesinfiftantanguliad centra,BG C,
N ‘ I .

F"
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E HF;ad peripherias B A C,ED F. Dis
coperipheriasBKC, ELF zqualeseffe.

4
/

B¢ B
Tungantur B C,EF. Etquiacirculi zqua-
s defit. 3. lesfunt,a erunt & qua ex centris zquales,
Duz ergoBG, G Ciduabus EH, HF 2-
quales funt: fed & anguli G, Hz2quales
bprop.¢. 1 {unt: b ergo & bafes B C,E Fequalesertic,
\ Etquiaanguliad A,D gquales ponuntur,
. €A1t 3 corune portiogcs B % CGEDEF ﬁmi‘lles,&
funt inzqualibus re@is BC, EF, dquz
a4 tem ci:lculorum portiones fimiles i:lx z-
qualibus funt re@is lineis, zqualesfunts
portiones ergo BAC, EDF zquales funt:
Sunt verd & toti circuli zquales; reliqua
ergo peripheria BKC, reliquz ELF 2«

qualis eft.  In zqualibusergo, &c.
Quod demonftrare o-
portuit.

<06 (0) 0w

CO™ < 71

&

Pro=
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Propofitio 27. Theor:24.

Im equalibus eirculis anguli qui equa«
libus infiftunt peripheriss , aquales
fant fine adcentra.fine ad pe-

ripheris infiffant.

1 N zqualibus circulis ABC, D EFz=
quallbus peripheriis BC, EF infiftans -

AR

guliad centra BG C;EHF j ad peri-
bgms BAC,EDF. D:co tam angulos
gGC.EHF, uvamB A C,E D F zqua-
les effe. Si emm BGC, EHF zquales
funt, sperfpicuumeft& BAC,EDF 2- aprp.sats
quales effe. Sinon funt : erit vnus maior.
Sit maior B G C:& b conflituatut ad pun- b srep.s3.0
&um Gre&z BG angulus BG Kzqua-
lisangulo E HF: ¢ anguliautem zquales cpropac.y
#qualibus peripheriis infiltant, cum funt
ad centra: peripheria ergo BKequalise-
sitperipheriz EF:{ed & E F zqualis eft
B C : ergo& ipiBC zquahs erit BK,mi-
Ia nor
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normaiori; quod fieri non potefts Non
ergoanguli BG C,EH Finzquales funt:
dprep.anz xqualescrgo. dEftque angulus ad A an-
uliBG C; &angulusad D angui EHF
¢er:7.rs  dimidius: ¢ Sunt ergo &anguli ad A,D
' equales. Inzqualibus ergocirculis, &¢.
Quod oportuit demonttrare,

Propoficioz8.Theocr.2 5.
In aqualibus circulis aquales recte li.
N mea aquales periphevias auferunt,ma.
forem quidem maioris minorens
dutem minors.

S Ixrinzqualibuscirculis ABC, DEE
aqualesre&z B C,E F, auferentes pe-

- ripherissmaiores BA C,ED Fyminores
BGC,EHF. Dico tam maiores peri-
pherias, quam mineres zqualesefle. Su-
mantur cnim circulorum centraK, L, &
ducanturKB,KC; EL, LF; & fune mﬁ

. . €
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culizquales; sergo & qua ex centris 2. 84150
quales erunt:igitur duz BK,K C,duabus
EL,LF zquaFes’ funt; fed &|bafes BC, .
E Fzquales funt; berunt crgo &anguli b27-4: -
BK C, ELF zquales: ¢ zquales autem 2?7
anguli zqualibus periphenis infiftunc
cum fuerint ad centra; ergo peripheriz
B G C,EHF zqualesfunt; fed & taticir-
culi funtzquales: reliqua ergo periphe-
riz BA C, E D F zquales quoque erunt.
Siergo inzqualibus circulis, &c. Quod
oportuit demonftrare,
Propofitio29.Theor.26.

In agqualibus cirenlis aquales periphe-
- riasagualesreitelineafub-

e tendunt,

' A Ceipianturin equalib?® circulisABC, ..,
DEF gqualesg%criphcriz , BGC,” i Gides

EHF, & ducanturre@zB C, EF: Dico! 77"

re&as BC, EF 2quales effe. Sumantur

enim circulorumcentraK,L, & iungan~

turBK, K C;E L, LF; Cum ergo periphe~

'riz BG C,E HF 2quales fint, @ crant &', 5y, 5,

anguli,BK.C, EL Fzquales; & cumcir-
cult zqualesfint; b erunt, & quzex cen- bdef1.;,
tris zquales : Duz crﬁo BK,KC, dua-
bus EL, LF zqualcs funt, continentq,
S : I3 Zqua-
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sprop,#.2. Zqualesangulos scergode bafes BC, EB
. zquales erunt, In 2qualibus erge circu«
~ lis, &c. Quod oportuit demontfirare,
Propofitio 30. Probl. 4.
Datamperipheriambifariam fecare.

. Sto data periphe-

‘ riaADB, quam

ﬁ “bifecare oporteat du~

ppropo s : s catur A B,abifecetur-
b)ng.u. '3 quein C; & ibpun-

&o C ducatur ipfi ABadangulasre@os
- CD,iunganturq; AD, DB:EtquiaAC
zqualis ¢ft C B,commanis C D; eriit dug
AC,CD,duabus BC,CD zquales, 8tan-
gulus ACD angulo BC D qualis, eft
esrép.#.7. enim verque reCtus 3 ¢ ¢rit ergo & bafis
Yrop-393- AD bafi DB zqualisid zquales autdre@z
zquales peripheriasauferunt,maioréma-
- iori,& minqrem minori,eftq; veraq; petie
phetiarum A D, D B minor femicirculo,
quareperipheria A D gqualis eft periphe-
riz D B:data ergo peripheriabife&actt,

Quod oportuitfacere.

Propofitio 31. Theor. 27.

In circulo angulus , qui in femicireuls,
redius eft; qui in portione maiore mi-

mors.

?
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aor, qui in minore masor reélo eff,
Znfuper maioris portionss angulus ma:
forrecto s minorss veéto mi-

- soreff. .
ESto circulus A B C D, diametrus BC,
cenui E, & iungantur BA, AC,AD,
D C. Dico angulum
BACin femlcxrculo,
reGum efle. ABC,! qul
cftin portione maiore
¢ femicirculo, minoré;
ADC,quicftin por-
tione minore , maioré
reQo.Ducatur AE, producaturq; B A in
F.Etquia BE,EA zquales funt,aerant & aprep. 5. &
anguli E A B, E B Azquales.Rurfus,quia
EA,ECzquales funtyeriit & anguliACE.
CAE zquales: totus ergo B A C duobus
ABC,ACBzqualis eft. "Eft vero & FAC bprop.3ans.
externus duobus ABC,A CB zqualis ; z-
qualeserge funt BAC,FAC;eergoreGus cde/ 1oty
vterque. Quareangulus BACin femicir-
culoBACreé’elt.dEt quia trianguli ABC
duoanguli ABC, BAC duobus re&is mi--
nores{ont;BAC auté re@us eftyerit ABC:
minorre&o; & eftin portione A B Cma-
iori femicirculo, Rurfusquis ABCDin
14 cics

dpropazna
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epropidang. circulo quadrilateriieft ; e quadrilaterorit
autéinarculo defcriptorii,qui exaduerfo
r anguli duobps re&is

zquales funt; erunt
ABC, ADC duo-

> D
“ bus reis @quales; &
B ¢ eft ABCminorreQto;
9 reliquusgrgo AD C
maior ; & ¢f{ in porti-
oneminore femiciraulo.(i];gzr praterea
maioris portionis angnl{cafitent -
ripheria A B C, & re@a-A G maio i’l
cfle reGo ; minoris verd portionis pe-
ripheria A D C, & reGa AC conten-
tum , minorem. Quod per fc apparet
» 2+ Cumenimangulusreétis B A, ACcGten-
tus reCtus fit, erit qui peripheria ABC, &
reCta AC continetur maior recto. Etcum
angulusre@isAC,AF cGtentus,reQus fies
2+ & eritreGa A C,& peripheria ADCcoten- -
tus,minar recto.Aliter demftraur BAC
_v. . reéti efle, Angulus AEC duplus eftangu~ -
g1y 2. li BAE, ¢ equalis enim eff duobusinternis
& oppafitis;Eft verd 8. A EB duplusan- -
guli EAC:anguli ergo AEB,AECdu~
plifuntanguliBA C;at AEB,AECe«
uales funtduobusre@is:ergoB A Cre«
Guseft, - _— it
= L Corel.
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(orollarinm..

Ex his manifeftum eft, fiintriangule
vousangulus duobus it zqualis, cum re-
&um cffe,quod etiam,quieft eideinceps,
duobus redis zqualis fit:f cum autem an- fdef.re.r,
gulideinccps zqualcs fuerint,re&i funt.

Propof.32.Theor.:28.

Sicirculum quadamreciatetigerit, &
ataltuducatur recta circulum fecans,
erunt anguli guos ad tangentem facit,
. dquale.c illss, quiin alternis circuli .
portionibus confiftant.

T Angarcirculum AB CD re@aquz-
dam B F,m B;a dquo ducaturaliaBD
“fecanscircolii.Dico
angulas, quos BD
. cum tangente facit,
gqualcs efle lllts,qui
* funt in alternis’ cir-
2tuli portionib”hoe -
C T ety angulym FBD
¢qualem eﬂ'c llh.qm eftin pomoue DAB:
angulum vero EBDillh, quieftin portio-
ne D CB. 4 Ducatur enim ex B lpﬁE F apreparn
ad angulos reGos B A,& accipiatur in pe-
Is riphg-
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ripheria B D quoduis pun&um C, & du-
cantur AD,D C,CB; & quiacirculum
tangitreGaquedam EFinB, & dtaCtu B
bprop 190 dutacfttangentiad angulosre@os B A,
epropdiese beritin B Acentriicirculiz e angulus erge
*  ADBinfemicirculo exiftens, reGuseft:
A reliqui ergo BAD,
ABD voire&o 2-
quales.Sed & ABF
re&us eft , zqualis
ergoangulisBA D,
E oy — A B D; communis
: = ABDauferai:ergo
reliquus D B Ferit 2qualis reliquoBAD
inalterna circuli portione exiftéu. Ex quia
dpropazy o B C D quadrilaterum eftin circulo de-
feriptum, d eruntanguli oppofiti duobus
reétis 2quales: erunt ergoanguliDBF,
DBE ¢quales angulis BAD,BCD;quoria
B A D oftenfus eftzqualis DB F; eriter-
. go&reliquus D BE,reliquo D CBinal-
ternacirculi portione: DEB exiftés zqua~
lis,Si ergo circulym re&a quedam,&e..
Quod oportuit demon-
. frare..

52

Pro-
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- Propof,33.ProbLs.
Superdara reiia deferibere portiomems
cm'ﬂl;,gu capias angulum aqualers
date mgulo rectlinio.
Ole data re-
Galinez A
B, datus an-
gulus reili-

neusC, &o-
porteat fuper

:
¢ AB por
: . N 'rcniitdigi

3 5apiat. Angu-
PergoC,aut
" racut’y alitre=
.. Cinsyaut ob=
fus eft. Stt

. -nnmo acut’y
vt jh Prima

3 ad Api&um
retz ABan~
gulusBAD, ﬂqualls anguloC, quiacu=
tus

de cn&none.
2 Coftitvatur & roay
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b propos, tuserit-Ex b A ducaturAE adangulosre=
cprop.10.1 Gosipfi AD;atque AB inF ¢ bilecetur,
dprep.is. s ‘ ExF 4 duca-
turFGadan-
gulos re&os
. 1pfi AB, du-
3 caturg; BG.
« Etqua AF

. gqualiseR F
~ B,communis
¥ FG;eriitduz
AF,FG,dua-
bus FB,FG
B zquales, ane
~\ ulus(luc‘@

& anguld G
T BB zquali#

| N TT dpritergo &
. aprap 4. ~5 “~-.v/i%sAGbaﬁ
WZat N B G zqualis.

_circulusergo
" centro G, ine
- teruallo AG

) o 7 - defeript’ trd-
% quoins. fibitetibm per BiDeferibatur, & (it ABE,
ﬁﬁ:::'f‘:' iungatire ue’E Be*Cumitaque diametro
o, A Eab extremitate’A-od angulos reQos
£ 2rop, cor. fitdu@a AD frangetipfacirculum;cum-
w3 ' que
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quecirculum ABE re&a{quedam AD td-
gac, fitqueatattu Aincirculum doQare-
aAB; g eritangulus D A Bzqualisan- 2279-23:
ulo AEBin alterna fc&ione A E B exi- -
ienti:fcd D A Beftzqualisangulo Cigi-
tur &angulus C zqualis erit A EB angu-
lo.Super data ergo recta AB portiocircu-
li defcriptaeft capicnsangulum AEB. z-
qualemangulo C, Sitiamangulus Cre-
&us,fitquerurfus fuper A B portio circu-
li capiens angulum reGto Czqualem de- '
{cribendah. Fiatangulus B A Dangulo C hprep.sp.z,
zqualis,vtin 2.defcriptione:s ABin Fbi- 1pr0p-toa-
fecetur;& centroF,interuallo FA,aut FB
defcribatut AE Bcirculus, £ Tangitigi- Keor.prop.
tur refta A D circulum, quod angulus 14..
B A DreQusfit:led angulus BA D zqua-
liseft & angulo C;/ &angulo AEBinal- 15,45,
terna fetionezeritigitur & AEB, angulo
C zqualis. Defcripta ergo eft fuper AB
portiocirculi AE Bcapiensangulii AEB
zqualemangulo C, Sit tertio angulus C
obtufus.m ponatur ei ad A re@z A B 2- mprop.sy.e
qualis BAD , ‘vt in tertia defcriptione,
# ducaturg; rez A D adangulos te&os aprep.cr.c,
re@aAE; & ABinFobifecetur, cuiex F o 4gp.10.10
ad p angulos re@os ducatur FG, &iun- ppropuanit
gatur G Bs Cumitaq; A Fzqualisfit FB,
- ' fome SN
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communis FG;eruntduz F G,AF, du4s

busF G, BF zquales, &angulus AFG

apropga, anguloBF G zqualis: g ericigitur & ba-

fis A G bafi BG zqualis. Circulusergo

centro Giinteruallo A F delcriptus tran-

fibit ctiam per B, tranfeat vt A EB.quia

ergo diametro A E ab extremitate A ad

ceorprop, aDgulos reGtosdudtaclR AD, > tangetilla

1s.3 circulii;8cum d ta@&uAin circulum dua

sprop.33.3. fit AB,J erit a:;FqusB A Dzqualisangu~

: ‘lo AHB, quieftinalterna portiene circn~

liAHB. Sed angulus BA D zqualis eft

angule G, eritergo & angulus AHBin al-

. terna portione zqualis angulo C. fuper

. data ergo re@a A B delcripta eft portio

circuli AHB capiens angulum&qualem
.anguloC.quod oportuit faceres

~ Propof 34.Probl.s.

A duto circulo portisnem anferrer,

- quacapint angulum aqualem dato

angulorectilineo.

_ ESto datus circulus A B C;datusangu-
lusre@ilineus D. Oporteatautem 2
sirculo A B C portionem auferre,que ca~
piatangulum,angulo D zqualem. Duca~
. aprpuaza, W8 E Frangens circulumin B. 4 Confli-
tuz=



iuaturc']; adBreQzEFangulusFBCe-
qualisangulo D.Cum ergo circuli ABC
tangatre@aEF,& itaGu Bdu&afit BC,

b exitangulusFBC Equalis anguloBA C bprep.srg

in alterna portione B A C conttituto: fed
angulus FB!C gqualiseft angulo D:erit
igitur & BA C inlternafe@ione eidem
angulo D zqualis. i dato ergo circulo
A B Cablataeft portioB A C capiens an-
gulumazqualem dato angylo D.quod o~
postebatfacere. !

Propof’3 s.Theor.z9.
Siincirenlodnareciafeinuicem fecét,
eritreiiangulumportionibus vwius

contentum,aquale portionibus
alterius contento.

~ Ecent in circulo ABRCD feinuicem . -

duzreGa A C,B Din E.Dicoreftan- )
ulum A E,EC contentum, zquale efle

"D E,EB contento.Siigitur A C, B D per
: cen-
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S <

centrum tranfeant, perfpicoum eftcum

A E,EC:D E;EB¢qualesfint;etiam AE;

EC contentum,gquale cffe, DE,EB con-
tento.Quod {i per centrum nd tranfeant:

accipiatur centrum F, ab coque ad re@as

. aprap.at.r. AC,DB 4 ducantur perpendiculares FG,
FH, iunganturg; FB,FC,FEJEtquiare-

&a quzdam GF per centrum du@a,re&d

quandam A C non per¢entram ductam

bprep. 3.3. ad angulos re&os fecat,& b bifariamillam
cécabit: zquales ergofunt AG,GC. Cum
igiturre@a A Cin Gzqualiter, in Einz-

¢prop. 5. 2. qualiter fe&afit;e critquod AE,EC con-
tinetur reGangulii, cam quadrato quod

ex EGzquale quadrato quod ex G C, fi
cdmune,quod ex G F,addatur,erit quod

AE,EC continctur,cum illis,quz ex GE;

G l'iquadratis s zqualeillis, quzex CG,
dprop.47.8 GF dSed illis, quz ex CG,GF zqualeeft,
quodex FC: illis verd, quzex GE, GF,
zqualeeft, quodex FE: ergoquod A E,
EC continetur, cum co quod ¢x FE,
: zquale

\
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zqualecftei,quod ex F C (zqualisautem
'd(ll F Cipfi F B)srgoquod AE,E Ccon-
tinetur, camilloquod ex E F,zqualceft

_ei, quod ex FB. Obe¢andem cau}am erit
quod D E,E B continetur,cum illo quod
ex F Ezquale ci quod ex FB. oftenfum
eftautem & id,qued AE,ECcontinetur,
cum co quod ex FE , Zqualeefle ci, quod
exF B:ergoquod AE; EC continetur
cumillo quod ex F E ; 2qualecftilliquod
DE,EB contintcturycumillo quod ex FE
quadrato’; commuane, quod ex FE, aufe-
ratur ; & eritreliquum A E, E Cconten=
tum , zqualereliquo D E, EB contento.
Siergoincirculo, &c. quod oportuitde-
monaflracé. .

Propof.36. Theor.35.
Si extra circulums punilum fumatur,
sbeog in tirculum dua yeite linea ca-
dant,quarum vnacirculumfecet alte-
ratangat,veilangnlumztotafecante, &
caparte , qua inter punitum , & cur-

uam peripheriam el erit aquale
" tamgentis quadrato.

Xtracirculum A B C fumatur quod-
uis pun&um D, abeo§; ad circulum
cadant

'
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D
N 3
B
T 4 )
- A

Y :
cadant duz re@2 DCA, D B; quarum

D C A circolum fecet, D B tangat. Dico
reQangulum A D, CD conteatum, z-

;lualc cfle quadrato,quod fitex DB.Tr3-

it autem D C A per centrum ,autnon,

Tranfeat primo per centrum quod it E.

apropat.3 DuQaergo EB, # eritangulus EB Dre-
Gtus. Etquia re&ta ACbifecatur in E,eid;

bprop.é.2. appofitaeftin direétum C D;beritquad
A D, P Ccontinetur: cumeo, quod ex

E Czqualeci, quodex E D;eftvero EC
zqualisipfi EB:ergo quod AD,DCcon-

tinetur rectangulii, cum quadrato quod

ex EB,2zqualecft ci,quod ex ED,quadra-

cprop.474 to. € Eftautem quod ex E Dzquale illis,
quz ex E B,B D quadratis, quod angulus

EBD re&us. fi. ErgoquedAD,DC
continetur, cum eo quod ex E B;zquale
eftillis,quz ¢z E B,B D;commune,quod

cx
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ex EBtollatur, eritquequod AD, DC
continetur, zquale ci quod ex Tangeate
D B quadraro. :

Sed iam D C A non tranfeat percen-
trumaccipiaturque ceatrum E,dab cog; dpripur. 3]
ad A Cperpendicularisducatur FE, iun-

Fanturc'l; EB,EC,E Dje¢ eritergoangu- eprop.ad.zi
us EB D reQus. Etcumre&a quedam
.EF per centrum dua,re@am quandam
ACnon percentrum du@am fecet, £ ad frrep.s.5
-te&osangulosillam, & bifariam fecabit;
funtergo AF, F Czquales. Etquiare&a
ACbifecaturinF, eig;in direGumaddi-
tur CD, g eritquod A D, D C contine- gpryp, ¢4
tur,cum illo quod ex F C, zquale i quod
ex F D:Commune, quod ex FE,addatur,
&erit quod A D, D C continetur, cum
illisquzexFC, FE, zqual¢illis, quzex
FD,FE:illisanté,que ex DF;F E,b 2qua- hprep.#7:3
leeft,quod exDEzdgcnim angulusEFD
reGus ):illis vero,quz ex CE,F E,zquale
eft, quodex CE. ErgoquodAD,DC
continetur cumillo quodex E C, zquale .
eftei,quodex ED, i eftautem E Czqua- idef 75
lisip(i E B:Ergoquod A D,D C contine-
-tur, cumillo quod ex EB, 2qualecttei, " '
quod ex E D: ef autem %uod ex k EDz- 21047,
-qualia funtquz ex EB,B Dycumangulus '
, K2 BD
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EBD fit re&us:crgo quod AD,DC con-
tincturcumeo quod ex E B, zquale eft il-
lis, quaex EB,B D; Commune, quod ex
E Brollatur, & eritquod A D,D Ciconti«
petur re@angulum, 2quale quadratoex
tangentis Dg-Sl ergo extracirculum, &c.
(Lodoyomnt demonttrare.

Propof.37.Theor.31.

Si extra cirewlum puniinm fumatur,
abeoquein circulumduareitacadant;
quarsmvaacircslamfecet; alterain.
cidat; fit autem guodtotafecante,Crea
parte, qua inter punilum ¢r curnam
eripberiam it continesnrreélangu-
lum,equale guadrato gnodfit sbin-
cidente, tanget incidens
circulum.
‘ SVmatur extra circulum A B C pun-
“J&um D,abeo uem circulum cadane
dug reGtg D CA,D Biquarum D CA fe-
cet, D Bincidat citculo. Sitautem quod
AD,DC contmcturrc&nngulum&qua-
lequadrato quod fitex DB.Dico DB cir-
.pnp 174, culum tangere. 4 Ducaturenim D E cir-

culum tangens, fumptoq, centro Fyiun- -
gaa-
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D gaotorFE,FB,FD,b &
eritangulus FED re-
‘@us. Etquia D E tan-
it, D C A fecat circu-
fum ;¢ eritquod A D, cprop. 343
DCecontinetur gquale
B ciquodex D E; poni-
tur auté &qued AD,
D C continctur.equa-
A leei quodex D B.ergo -
quodexDE zqualeeftei, quodex D B;
zquales funtergo D E, D B; d funt verd 3 2ty s.r.
& FE,FBzquales: duzigitar DE,EF,
duabus D B,B F ¢quales funt;& bafis FD
commaunis;e angu?us ergo D EFzqualis ¢ prop. £ur:
eftangulo D BF:eftautem D E FreQus;
ergo& DBF re&useft, EcFB, fi produ-
catureft diametrus, f quz autem diame- feor props
troad angulos re@os ducitur ab extremi- 164+
tate,circulum tangit, Idem demonftrabi-
tur pari modo fi centrum fitin A C. Si ez
goextracirculum, &c. quod opor-
tuit demonftrare,

n I O dﬁan v\a‘
X3 EVCLI-

bprep.ad. g
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ELEMENTVM
QVARTVM.

Definitiones.

1. Figurare@ilinea figurz re@ilinezin-
feribi dicitur, cum finguliinfcripta
anguli,fingula latera cius,cuiinfcri-
bitur, tangunt.

2. Similiter figura figure circumferibi
dicitur ,cum fingula latera circum-

fcripta, fingulosangulos eius, cui
circum{cribitur, tangunt. ,

3+ Figurarc&ilinea circuloinfcribi dici-

- tur; cum finguli anguliinfcript t3-
gunt pheriperiam circuli.lraprop. 2.
trianguium A B C;fextaquadratum
ABC D circwlosnferiptunms vsdes.,
4 Fiﬁura reQilinea circulo circumferibi
icitur, cum fingula latera circum-
{criptz circuli peripheriam tangiir,
Liaprop.g.trianguium A B C;oltana
gra-

t—qC
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wadratum A BC D cireulo csrenm-
- ferspums cernis.

5. Circubus fimiliter figurz inferibi di-
citur, cum circuli peripheria fingu-
lalatera eius,cuiinferibitur, tangic,
Itaprop.s.cireslum E F G triangule
ABC,oftanacirexium EFHK gna-
drato, A B C D snferiptum vides.

6 Circulus figurz circumferibi dicitur,

weum peripheria circuli fingulosan-
gulos eius,cui circumferibitur, tan-
git. Iteprop.2, cirenlum ABC trian-
gulo , féxta cirenlum ABC D gua-
dratocirenmferiptumvides.

~. Refalineain circulo aptari dicitur, .
cum cius termiaiin circuli periphe-
ria fuerint,
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Propofitior.Problemar.

Indatocirenlo, datareiie linee, gue
- diametrocirculimaior non fit,a-
gualem rectam lineam
aptare.

Tt datus cir-
culusABC,

B data re&agqug
circuli diame-
tro maior non
fit, D. Opor-
teatautem circulo A B CreQam,recte D
®qualem,aptare. Ducatur diametrus cie-
culiBC. Siergo B Czqualis eftipfi D, fa-
‘@umeft, quodiubebatur. Circulo enim
A B Captatacfl B CzqualisreGz datz.Si
autem B C maioreftquam D. 4 Fiat CE
zqualisipli D;& centro Ciinternallo CE
defcribatur citculus EAF,ducaturg; CA.
Quia ergo C centrumeft circuli AEF;
berit C A zqualis CE: fed ipfi D 2qualis
et CE:eritergo & D equalis ipfi AC.Da-
to ergocirculo A BC, Datzre&z D non

maiori circulidiametro,zqualis CA.
aptata eft. Quod oportuit
facere.

Pro-
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Propofitio 3. Probl. 2.

Datocircwlotriangulum datotriangn-
lo equiangulum inferibere.

SI: circulus datus ABC, triangulum da-
tum D E F; oporteatque circulo ABC

triangulum, triangulo D E F 2quiangu-
lum infcribere. Ducatur G A H tangens
circulum ABC in A; aconflituaturque ;p0p.4;.0,
ad A reG2 G AH,angulus HA C 2qua-
lis angulo D EF, & G A B zqualis DFE;
ducaturque BC. Quiaergocirculd ABC bprep, 325
tangit re@i GAH, & i taGu duQa cft
A (Eb eritangulus HA Czqualisangulo cprop.ssn.
ABCinalternaportione:fed HAC eft2- =~
qualis D EF angulo; erit ergo & ABC
zqualiscidem D EF. Eadem ratione erit
angulus A CB angulo DFE zqualis, ¢ re-
liquus ergo B A C zqualis eric reliquo
EDF. Eft crgo triangulum AB C tri-
angulo D E F zquiangulum , & infecri-

Kgs. ptum
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tum eft circulo A B C. Dato ergo circu~
0, &c. Quodoportuit facere,

Propoficio 3. Probl.3.

Cirea datam circulum dato triangulo
aquiangslum triangulum
deferibere.

Stodatus circulus AB C, datum tri-
Asangulum DEF. oporteatque circa
X .

A B Ccirculum triangulo D E F zquian-

gulum triangulum defcribere. Produca-

wr verinque EF in G& H, fumaturque

A centrum K circuli A B C, & ducaturre@a
#propo3.1. K B vt libet; & 4 conflituatur ad Kre&e
KBangulo D EG 2qualisBK A ;angu-

lovero DFH zqualis BK C,perque pun-

»947.2: 83 A,B,C bducantur tangentescirculum
L AM,MBN,NCL, EtquiaLM,MN,

N Ltanguntcirculumin A,B,C; & dcen-
tro
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tro K ad pun&a A, B, Cdutz funt K A,

KB, K C:ere&iigitur eruntanguliad A, ¢prop. 1
B, C pun&a. Et quia quadrilateri AMBK
quatuoranguli zquales funt quatuor res
Gis;*diuiditur enim quadrilatcrii AMKB * Siiwrelis
in duotriangulaK A M,KBM, quorum& 7" °*
anguliK AM, KBM re&i funt; reliqui x .
crgo AKB, A MB duobus re&is zquales

crunt:d Suntverd& DEG, D E Fduo- dprep.1z.1:.
busre@iszquales: ergo AKB,AMBan-
gulizquaales fuut angulis DEG, D EF.

quorum AK B, DE G zquales cum fint;

crunt& reliqui A M B, DEF 2quales.Pa-

1l inodo demoaftrabitur angulum LNM

angulo DF E zqualem effe: reliquus er-

goMLN reliquo E DF zqualis erit, -
quiangulum ergo eft triangulum LMN
triangulo DEF, & defcriptum eft circa
circulum A BC., Ergo circadatum circu-

lum, &¢. Quod oportuit facere.

Propofitio 4.Probl. 4.
In date sriangulo circulum deferi-
beres.
SIt datum triangulom ABC, in quo
Y oporteat circulum defcribere. # bifc- aprop 9.2
centur anguli ABC, BCA reis g g, ,
»
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.18.2. CDyquzin D pun&o concurrant, 5 du-
by 14 cantu?'que ex l)p ad reGtas AB,BC,CA
perpendiculares DB, DF, DG. Etquia

anguli AB D, CB D zquales funt ( eft
enim A BC bifettus)
anguli verd BE D,
BF Dre&i,habebunt
duo triangula EBD,
D B F duos angulos
duobus angulis, & v-
num latus vailaterig-
‘B F ¢ quale,nempe comu-
neBD,¢chabebunter-

go & reliqua latera reliquis zqualia ; vnde
DE, DFzquales erunt: Eandem ob cau-
fam D G,D F zqugales erunt. Cireulus er-
centro D,interuallo vno punétorum
F,Gdcﬁ:riptus,tranﬁbit etiam peralia
pun&a,tangetque reGtas AB, BC,CA
quodanguliad E, F,G re&ifint. Si enim
“ipfas fecaret, caderet , quaab extremitate
diametri ad angulos re€tos ducitur,intra
dpraprey circulum; dquod eftabfurdum. Non er-
Ny go circulus centro D.interuallo vna ha-
-rum DE,DF, DG defcriptus fecat re-

&as AB,B C,C A; ergo castanget ; efique

" ~ circulusin triangulo A BC defcriptus. In -

datoergo triangulo, &c. Quodoportuit
- faceren : Pro-

orep. ic.r.,
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Propofitio 5. Probl. . |
Circa datum triangslum circulum

deferibere.

Eﬁo datii trianguld ABC,circa g opor -
teat circulit defcribere. bifecétur AB,
A Cin D& E;atque dpun&is D, E du-
canturad A B,AC adangulos re@os DF,

EF,quaz concurrentaut
in triangulo ABC, aut
€ inre@a BC, aut extra
triangu.lum. Concur-
rant primo intra trian-
ulumin F,ducanturq; * £ 4 ix ¢;
F,FC,*FA.Et quia fig.emsffa
AD,DB zqualesfunt,communis&ad ¢# -
angules reGos D F, acrunt & bafcs AF, 227 ¢%
F B zquales. Similiter demonftrabimus
CF,AFaquales cffe: quare & FB, FC
@quales crunt. Tres ergo FA,FB, FC
Zqua-

AN
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#qualesfunt. Circulus ergo centro Fin-

teruallo voa ipfarum FA, FB, FC de-
fcriprus tranfibit & per reliqua punéa, e-
ritque circulus circa A B C triangulum
defcriptus. Concurrant iam DF,EF in
reGaBCin F,vtin fecundadefcriptione,

iungaturque A F. Si-
militer demdftrabimus

& pun&um Fcentrum ef-
fecircali eirca triangu.

lum ABC defcripti.C3-

S curtant demumDE,EF
extratriangulum ABC

in F, vt rertia habet deferiptio, & iungan-
tur AF,FB, FC.Cumque AD, DBz-
uales fint,communis, & ad angulos re-
DF,b erunt & bafes A F,BF 2qua~

les. Similiter demonftrabimus & CFipfi

~ F A zqualem effe: quare & BF zqualis ¢«

rit F C, Rurfus ergo circulus centro Fin-
teruallo vna harum FA, F B. F C, defcri=
’ ptus
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ptus tranfibit etiam per reliqua pun&ta,
eftquecirca A B C triangulum deferiptus.
Quod facere oportuit.

Corollarinm.

Vnde perfpicoum eft,quando centrum .

circuliin triangulum cadit, anguli BAC
in maiore portione femicirculo exiften-
tem re&o minorem effe. quando verd
centrumin B C cadit,in femicirculo exi-
ftentem , reGum: quando denigue cen-
trumextraB C cadit, in minore portione
femicirculo exiftentem , thaiorem re&o,
Vndequandodatusangulus minor eft re-
&o,intra triangulum cadunt reG@z DF,
EF;quandoreQus,in BC;quando ma~

ior reGo, extta BC; quod oportuitdes * -

monftrare.”

Propofitio 6. Probl,c.
In dato cirenlo qudarasum de-
[eribereo.

Sltin datocirculo A B CD quadratum

defcribendum. # ducantur diametri aprpuaLiy

A C,BDadangulos re@os,iungantur-
e . que
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queAB,BC,CD, D A. CumergoBE,
E D fintzquales, quippe ex centro E, ¢5-
munis & adangulos

b ;" Sl A reCtos EA; berit &
A - bafis ABbafi AD
B E D zqualis. Eademra-

V tione veraque ipfari
. B C’ C D,Vtriq; A B’
c A Deft zqualis. Eft
Ergo quadrilateram ABCD zquilage-
rum. Dico quod.&zc}_uiangulum. Cum
re@a B D diametrus (it circuli ABCD;
eprop. 1.3, e crit B A D femicirculus ; re@us eftergo
angulus BA D. Obeandem caufam qui
libctangulqrum ABC,BCD,CD Are-
Quseft; rc}&angulum ergo eft quadrila-
terum A B € D. Oftenfum cft autem &
d def 370, xquilaterum ; 4 quadratum ergo eft : &
. eft circulo infcriptum. In dato ergocir-

culo, &c. Quod oportuit facere.

Propoﬁtio;ProBl.}. :

Circadutum circulam quadratum
© deferibereo.

Slt circa datum circulum A BC D qua-
Jdratem defcribendum.Ducantur dia-
metri A C, B Dad angulos reos, & per

. pun-
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pun&a A,B,C,D ducantur tangentes cic-
¢ulum F G, GH, HK, KF. Cum ergo
F G tangat circulum,
& i centro Ead ta@it
.. Adu&ta fitEA;deriie
anguli ad A re@i.Eadé
~ de caufa derunit & an- Propiib gy
guli ad B, C, D redi, '
- cumqueanguli AE B,
EBG re&ifint,beruntGH,AC parallela. bprop.ad.ti
Eademdecaufaetunt A C, FX parallelz;
Similiter demonfirabimus,quod GF,HK
fintipfi BE D parallelz: Suntergo GK,
G C,AK, FB,BK patallqlogramma.t Y0© eorap 24,84
dezqualis R GFipi HK; & GHipfi
FK.d8 quia AC, B D zqualesfunt, At- ddefos1.r;
«que AC vtrique GH,FK; & B D vtrique '
G F, HK eftzqualis ; ergo vtraqe G H;
FK,vuique GFsHK cI? zqualis. Eftigi-
tur FGHK quadrilaterum zquilaterti3
dico quod & reGangulum. Cum enim
GBE A fitpanallelogrammum, fitqjan-
lus A E B reQus, ¢ erit& A G Bretus, eprip3#.d
imiliter demonftrabimus quod anguliad
H.K,Fre&ifint;eft ergo FGHK reQan-
gulum quadrilaterum, oftenfum eftaued
& zquilaterum, quadratum ergo eft, & fdefa 7.1
eftcircaA B CD circulii defcriptumierge
: L circa

[~
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circa datum, &c. Quodoportuit facere:
Propofitio 8.Probl.8.
Induto quadrato circulum deferibere.

E_op

Slt in dato quadrato ABCD circulus
defcribendus., 4 Bifecentur AB,ADin

F,E; bacper E qui-
dem ducaeur alte-
rutriAB, CD pa-

K rallela EH : per F

" G

veroalterueri A D,
B C parallcla FF,
Suntergo AK,K B,

AH,HD,AG,GC,BG, GD paralle-
cprop.3#a.logramma , ¢ ideoque lateraoppofitaz-
qualia, Etquia A D, A Bzquales funt, e~

runt & fcmiffes earum A E,A F zquales:

dprep.3 4. dquare & oppofitzillis F G, G E zquales
) erunt.Similiter demonftrabimus vtramg;

G H,G K vtrique F G,GE 2qualem efle.
Suntigitur quatnor GE,GF,GH,GK

aquales, Circulus igitur centro G, inter-

vallo vnaharum GE, GF,GH,GK de-

feriptus, tranfibit & per reliqua pun&a:

fed & tangit reCtas AB,BC,CD, DA,

quod anguliad E, F, H, Kre&i fint. Sie-

nim circulusiplas AB,BC,CD, DA fe-

carety caderet queab extremitatediame-

[T pe—

trj
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tri ad angulos re@os ducitur,in circulum, -
¢ quod eftabfurdum; Non ergocirculus
centro G, & intcruallo vnaharum GE, eprop14.3, -
GF, GH,GKdefcriptusfecatre&as AB,
BC, CD, D A:angit ergo: & eft qua-
drato ABCD infcriptus. In dato crgo
quadrato,&c. Quod oportuit facere.

Propofitio 9.Probl.g.

Cirea datum quadratum circulum
deferiberes.
Slt circa datum quadratum ABCD
circulus defcribendus : du&z re&2
AC,BDfein E fecent.
EtquiaDA,ABzqua-

Al
/\ les funt, A C commu-
B : nis,eruntdugDA,AC,
\7 duabusBA,AC*‘l"a:
(4

les: fed &bafes DC, -

) BCazqualesfunt:be- :"",.:”;"\
runt ergo &anguli DAC, BA Czqua- 275"
Jes: angulus ergo D A B re&i A Cbife-
catat, gimiliter demonftrabimus quem-
libet horum ABC, BCD, CD Are&is
A C, D Bbifecari. E;cum anguli DAB, ,
A BCzquales fint; fintque EAB,EBA
corum :illmidij ’ € cl'un:l & ipfi zquales LS

La qua-

-
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quare & latera E A,E Bzqualiacrunt. Si-
militer demonftrabimus vtramque reGa«
rum E C, ED,vtriquc E A,EB zqualem
effe. Quatuor ergo EA, EB,EC,ED
Zquales funt. Igitur circuluscentro E, in-
teruallovna harum EA, EB defcriptus,
tranfibic & per reliqua pun&a, eft igitur
circa A B C D quadratum defcriptum,
Ergocircadatum,&c. Qad oportuit fas
cere, - :

Propofitio 10.Probl, ro,

Triangnlumifofccle coffitnere, habens
Vsrumague qui ad bafim angulum -
duplum religni.
. EXponltur reQa
. quedi AB,eque
inC fic fecetur, vt
A B, BCcontentum
zquale fit quadrato
ex CA defcriptoJgi-
tur centro A, inter-
, ; uallo AB dcfgi‘lmtur
1.¢. circulus BDE, beiqueapteturre@a BD
:,’n"; ;,:. zqualisipft AC; &3u&is DA,DC,ede~
feribatur circa triangulum ACD circulus
ACD. Etcumquod A B, BC continetur
equalefitci,quod ex ACquadrato.ﬁtth

spropann
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A C ipfi BDzqualis ; erit & quod AB,
B C continetur zqualeci,quod ex BD,
Cum igitur extra circulum A CD acce-
ptum fit pun&nm B, ab eod; ad circulum
A.CD cadentduzre@tz BCA,B D,qua-
rum vaa circulum fecat, altera ciincidit,
fitque quod AB, BC contineturzquale
¢i quad ex BD, dranget BD circulum 490375
A C D;cumqueBD circulum ACD tan-
gat, & tactu awtem D du&afit D C,ecrit eprop3a0
angulus B D C anguloD A C in alterna
circuli portione confiftenti zqualis, Cum
oanguli BDC, D ACfintzquales,fi
Stomunis €D A addatur, erittotusBDA -~
duobus CD A,D A Czqualis:ffed duo- forepssré
bus CDA, DAC zqualis eftexternus
BCD:ergoBD A aqualiseritipfi BCD:
fedipfiBD A zqualis eft CRD,cum &
glatera A D, A B fint zqualia : quare & gDg 151
DBA, BCD zquales crunt ; tres ergo
BDA,DBA,BCDfunt zquales: &
cumanguliD B C,B C D zqualesfint, c-
runt&lateraB D, D Czqualia; fed BD
ipfi C A ponitur zquale: funt ergo &
A C,CDzqualia: vnde &angnliCD A,
D A Cgquales erunt:ergoanguli CDA:
DA Cdupli funtanguliD AC:eft verds -
&BCDzqualisduobus CDA,DAC;
Ls ergo

e e
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ergo BCD duplus eft ipfins DAC: Ex
cum vterqueBD A, DB Aangulo BCD
fic zqualis, duplus erit vterque seliquo
D A B. Triangulum ergo ifolccles, 8c.
Quodoportuit facere.

Propofitio 1 1. Probl. 11.

Dasosirculopentagomum aguilascrame
* & aquiangulum infevibere.

ltm dato circulo A BC DE pentago-
num zquilaterum & ¢quiangulum de-

A

fcribendum. Exponatur triangulum ifo-

feeles duplum habens vtrumg; angulum
8pr9p.2.4.2ad G, H, eius quieftad F; & ainferibatur
circulo ABCDE triangulum ACD 2-

o quiangulum triangulo F G H;ita vtan-
Fﬂo Fzqualis fit angulus CA D; angu-

: 1sG, Hanguli ACD,CD A. Etquiav-

" terque ACD, CD A duplus cft anguli

brrpsn CAD, b blfcccntur teQis C E, DB,iun-
- game
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ganturque AB,BC,CD,DE,EA. Cum

itaque vterque angulorum A CD,CDA

duplus fit anguli CA D, bife@ique fine
reQisCE,DB,crunt quing; anguli DAG,

ACE, ECD,CDB,BDAzqualesin- .
ter{e: ¢ Et cum zqualesanguli zqualibus €168
peripheriisinfiftant, crunt quinque peri- '
pherizAB, BC,CD, DE, E A zquales: P

o fed gquales peripherias 2quales reGz *277'3#2
fubtendunt; funt ergo hz quinquere&a
AB,BC,CD, DE,E A zquales; cft er-

go pentagonum A B CD E ¢quilaterum.

Dico quod & zquiangulum. Quia AB,

D E peripheriz #qualesfunt, fi commu-

nis B C Draddatur, erunttotz ABCD,
EDCB'zquales ; & infiflic peripheriz

ABC D angulus AED ; peripheri ve-
roBCDEangulus B A E; ¢ funt ergo eprop.asg;
AED,B AEangulizquales. Eademde
caufa,quilibet angulorum ABC,BCD,

C D Evtrigue A E D, B A Ezqualis erit:

eft ergo pentagonum ABCDE 2qui-
angulum;demeonftratum autem cft,quod

. - & zquilaterum. Dato ergocirculo,
&c. Quod oportuit
: - facere.
. ®¥(0)ser

L4 DPre-
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- Propofitior2.Probl.r2.
- Circadatum circulum pewtagonsm a.
quilaterum & equiangulum
deferibere. |
Porteat circa circulum ABCDE
entagonum gquilateram & 2qui-
d qzngulum defcnle-v
X re Cogitenturan«
M. gulorumpentago-
y :g:? inferipti pm:gz.
. A’BJC; [y E iuvt
peripheriz, A B,
‘l E‘ : BC.CD;DEI;ECA"
17.3, ¥qualesfint, educanturque per A, B,
T D E retie © HHKKL, LM, MGran.
gentescirculum , & accipiatur centrii cic-
culi F, iunganturque F B, FK, FC,FL;
FD. Cum jtaque KL re@acirculuminC
tangat, & ab F ad contaGum C du@afic
ppropadg, F Cob eritipfa ad K L perpendicularis: v-
" terqucergo angulusad C¢ft reGus, Ean-
dem ob caufam re@ifunt anguliad B,D3
€Prepy#71 & cum angulus FCK re@us fitecric quod
ex FKequale illis, quz ex FC, CK qua-
dratis. Eadem de caula, erunt quzex
FB, BK zqualia illi , quod ex FK:
funt ergo quz ex FC, CK zqualia illis,
=
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quzexBF,BK;quorum quodexFC2-
quale® eft ci,quod ex F Bi¢rivigitur & re- *quiaF B,
liquum quod ex CK ¢qualereliquo,quod £ :‘z‘” -
ex BK:funtergo B K,CK ¢quales.Et quia ; uipp:,a
F B, F Czquales (unt, communis FX, e- tenero «d
runtduz B F,F Kduabus CF, FKzqua- peripberi.
les,& bafis BK bafi CK zqualis; d ergo &
angulus BEK zqualiseritanguloKF C; dpropdar.
& anﬁulns BXKF,angulo FKC: eftergo

angulus B F C duplus anguli KFC; &
BKCduplusanguli FKC. Ob candem
caufamerit & C F D duplus ipfius CFL;

& C L Dduplusipfius CLF, Cumg; pe-

ripheriz B C,C D zqualesfint, ¢ erunt & cgrep.378
an{guli BF C,CF D zquales, eftque BFC
ipfius K F C duplus, D F C vero duplus
ipfiusLFC:zquales ergo funt KFC,CFL. ‘
£ duo ergo triangula FKC, FL Cduos f2ropaén
angulos duobus habétia zqualesalterum

alteri,& latus voum vnilateri F C vrique
communc; habebunt & reliqua laterare-

liquis zqualia,angulumdue reliquum re-

liquo. Suntigiturtamre&z K C, CL,
quamanguli F X C, FI, Czquales, cum-

§queK Czqualisfic CL, duplaerit KLi-
pliusKC, Eademdecaufa demonftrabi-

tur H K duplaipfius BK; & cum demon- .
ftratum fit BK 2qualisK C, fitq; KL du - =

- L4 pla

7/
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" plaipfius KC, &
HK dupla ipfius
# BK; geric&HK
ipfi KL zqualis. Si-
militer deméitra-
* bitur qualiber ip-
v ] famm G H’ G M,
ML vtriq; HK,K L gqualis:eft ergo pen-
tagonum G HK L. Mzquilaterum, Dico
quod & zquiangulum. Cam enim anguli

FKC, FL Czquslesfint, oftenfusque fit

HXL duplusipfius FK C:&ipfius FL|C
duplusKL M;erit & HKLipiKLM2-
qualis. Similiter demonftrabitur quilibet
ipforumKHG, HGM,GML vtrique
HXL KL Maqualis. Quinqueergoan-

wliGHK,HKL,XLM,LMGMGH
ﬁm: zquales; zquiangulum ergoeft pen-
tagonum, Qftenfum autem cft & zquila-
terum, & eft defcriptum circa circulum
ABCD E. quod oportebat facere.

Propof.r3.Probl.13.
Dato pentagong aquilatero, & aqui-
angulo civculuminferibere.

OPor:cat dato pentagono zquilatero
7 & aquiangulo ABCDE circulum

CD,
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' BCD,CD Ere&is CF,D F;& 3 pun@o

F,in quo CF, D F,concurrunt,ducantur
reGtz FB,F A,F E.& quiaBC,CD ¢qua-
lesfunt, communisCF, eurntduz B C,
CFduabus D C, CF zquales, & angulus ,
B CFangulo DCF zqualis: 6 ergo & ba- bprep.g.
fisBF, bafi D Fequalis erit, & t:iangu-
lumBFC triangulo D CF, reliquiq; an-
guli reliquis, quibus zqualia latera fub-
tenduntur,zquales erunt. Suntigituran-
A : guiCBF,CDFz~
uales. Et cum an-
ulus CDE duplus
B ElgitanguliCDF;z- o
L qualesauté &« CDE,
ABC;&CDF,

c K CBF;erit &CBA
duplusipfius CB F:®quales ergo funt A
BF,FBC:bifecaturergoangulus ABC
re@aBF. Similiter demonftaatur quem-
hbetangulorum BAE,AE Dre&is FA,

F E bifecari. ¢ Ducantur enim ab F ad ¢prepuracr;
AB,BC,CD,DE,EArefaperpendi- -
culares FG,FH,FK,FL,FM. Quiaego
anguliH CF,K CFzqualesfunt; FHC
re&us,zqualisre@o F K Cierunt duo tri-
argula FHC, FKC duosangulos duobus
xquales habentia vnumquelatus vnil,aF C

) tus
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A latus commune, &

Lo vni zqualium angu-

dprop. 262 B B lorii fubtéfum, d ha-

bebuat ergo & reli-

L qua latera reliquis ¢-

qualia; funtergo per

c X pédiculares FH,EK

@quales. parimoda demanftratur queli-
betharum FL, FM,F G veriq; FH,FK

2qualis. quing; ergore@2F G, FH,FK,

F(}., F M zqualesfunt, circulusergo cen-

tro F;interuallo vna harum F G,FH,FK,

FL, FM defcriptus, tranfibit & perreli=

qua punéta,tangetd; reas AB, BC,CD,

DE,EA,eoquodanguliadG, H,K,L,

Mre@ifint. Quodfiillas pon tangat, fed

fecet; cadet quzab extremitate digmetri

adangulasretos ducitur intra circulum,

spmpua6s, e quod abfurdum cffe oftenfum eft; non

ergo circulus centro F, interuallo FG,

FH, FK,FL, FM defcriptus fecatre@tas

AB,BC,CD,DE,EA;ergotanget.

datoergopentagono. quodo-
portuit facere,

3B

Pro-

SR R By - - ¢ e W e R a -t L
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Propof.14.Probl.14.

C’t'rudaampmugammcguiltte- .
Y818 & aquiangulum, circu-
« lumdeferibere,

A \Porteat circa
\ 2 Odatum penta-
gonum zquilaterii
B 3 & zquiangulum A
M B C D E sirculum
defcribere. 4 Bife- ,
D ) AN

cetur vterq; angu-
lorum BCD,CDEre@isCEF;FD;&ab
¥ pun&oinquore@2 concurrunt ad B,
A,Educiturre@2F B,F A,F E. Similiter
ergo, vtinprecedente, demonftrabitur
quemlibetangulodd CBA,BAE, AED, .
reQisBF,FA, FE bifecati. Etquiaan-
uli BCD, CDE zqualesfunt, eflque
CDdimidiusipfius BC D,&CD F di-
midiusipfius C D Ejerunt FCD,FDC
aquales, § quare& lateraFC,F D 2qua- ¢, prop.6ite
lia crunt.Similiter dem8ftrabicur, quam-
libetipfarum F B, F A, FE, vurilibe: FC,
F D gqualem efle, Quinque ergoF A,
F B, FC,F D, F E zquales funt. circulus
igitue centro F 5 interuallo yna ha;u:‘n
’
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FA,FB,FC, FD,FEdefriptus,tranfi-
bit & per reliqua pun&a; eritg; circa pen-
tagonum A B CD E defcriptus.Circada-
tum ergo,&¢.Quod facere oportcbar.

Propof1§.Probl.1§.

In datocirculo hexagonum aquilae
serum O aquiangnium de-
[eribere.

It in dato circulo
JABCDEFhcexae
gonum zquilaterum

_ & zquiangulum de-
fcribendum. Du&a
diametro A D,fuma-
tur centrum G, atq;
centro D, interuallo
D G delcribatur cir=
cwlus EGCH; &

'du&tz EG,C G producantur ad B,F,iun-

anturque AB,BC,CD,DE,EF,FA,
ico ABCD E F hexagonum zquilate~
rum & zquiangulum cfle. Com enim G
centrum {it circuli A B CD E E, erunt

'GE,GD zquales. Etcum D centrum fit

circuli EGCH,erunt & DE,DG gquales.

‘Scd GE oftenlaclt aqualisipli DG; s crit

crgo
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ergo & G E zqualisipfi E D: eriangulum
erg E G D zquilaterum eft, 82 tresanguli
cus EG D, GDE, DE G zquales,'
cum ifofcelium triangulorum anguli ad
bafim zquales fint.Et quiatres anguli tri- 0279221
anguli duobusreisgquales funt,eritan-
gulus E G D tertia parsduoram re@orii.
Similiter demonftratur D G Ctertia pars -
efleduorum reGorum. & cumre&a CG
fuper E B confiftens ¢ angules deinceps, cprop.ay.i;
EGC, CGB duobusre&is zquales fa-
ciateric & reliquus CGB tertia pars duo-
rum reGorum. funtigituranguli EG D,
DGC,CGBinunicemaquales; 4 crunt dprop; 220 -
igitur & qui ad verticem BG A, AGF,
¥ G Ezquales , ¢ zqualesautemanguli eprop.ae.p
zqualibus peripheriis infiftunt: periphe-
rizergoA BBC,CD,DE,EF,F Afunt
&quales, f 2qualibusautem peripherisz-
qualesre@e linez {ubtenduntur: fex igi-
tur re€tz 2quales funt ; ideoque hexago-
num AB C D E Fzquilaterum eft. Dico
quod & zquiangulum. Cum cnim peri-
pheriz AF, E D zqualesfint: fi commu-
nisABC D, addatur, erunt totz FAB
CD, EDCB A zquales: g Sed periphe- g4¢/42-3.
riaF A B C Dinfiftitangulus FED; peri-
pheri¢ veroEDCBA,angulus A FE;funt

€rgo

£ prop.12,3
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ergoanguli A FE, D E F zquales. Simi«
liter demonftrabitur reliquos hexagoni
ABCDEFangulos, vtriq; AFE, FED 2-
qualcseffe.Eftergo hexagonii ABCDEF
aquiangulum : oftenfum eft autem & z-
uilaterum, & eftin circulo defcriptum.
z:: datoergo circulo, &c: Quod oportes
tfacere. .

Eorollarium..

Ex his manifeftum eft latus hexagoni
zqualeefleei, que ex centrocirculi. Etfi
bpropazs. perpun@a A, B, C, D, E, F & tangentes
circulum re@z ducantur, circacirculum
. hexagonum gquilaterum & zquiangu=
lu:.fefcriptum efle,vtinillis qug de pea-
" gagono diQa funtviderelicet. Praterca
iuxtaillaquedepentagonodictafuny
indato hexagono circulum
’ defcribemus.
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Propof16.Theor.16.
In duto civculo guindecagomum 2qubs
lateram & equisngulumde.
A “Y Porteatin
‘ dato cir-
culo ABCD
quindecago-
| numgquilaces
. Il & #qiliati=
7D gulum deferis
bere. Defcri-
‘ baturin circii-
1o ABC D triangulizqitilaterilatis A C
peatagoni zquilateri A B: Qusliumergo
* totuscirculus partium eft quindecim ; ta-
lium eft A B C periphieris, tertia citciili
pars exiftetis; quinque; A B, quintapars
circuli exiftens,trium;pars ergo B C,diia-
rum; quefiin E dbifecctur; erit qualibet 4 pripge. i
periphieriarum BE ; E C decimaquinta
parscirculi. Siergo dudisre@is BE,E C;
;is zquales in co::tilnuum circulo re@as ,
aptemusqerit quinidecagonum ¢quilate- bareg,gi,
rum, &2quian%ulu'm dcgfcri ptani. Quod rres
facere oportuits v
. EVCLI-
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ELEMENTVM

QVINTVM.
Definitiones.

t Parseft magnitudo magnitudinis, thi-
nor matoris , quando minor metitur
maiorem. V?,2.¢5 parsipfin 6,at non
$pfins y:quia 2.metstur 6; nimetstner 7,

2 Multiplex ¢ft maior minoris, quando
mihor metitur maioté. Vz6.eStmui-
tiplex ipfius 2.at 7.5pfius 2. multiplex nd

 esh.Quiaz.metitur 6;nonstemy.

3 Proportio eft duarum magnitudinum
ciufdem generis mutua quzrdam fe-
cundum quancitatem,habitudo. Pro-
portisergeest snter res einfdems gemeris
Ut inter nameres , lineds , fuperficies,
corpora,(rc. ‘ :

4 Proportioné inter {e habere dicuntur
magnitudines,quz multiplicatg pof~
fuptfeinuicem luperare. Vide lignee

snber angulum sontingentia & reftilia
neuns
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#um querntumy, proportionem ni effé.
<" Qusalicet prior sninfinitd multiplice-
tur nunquatamen [uperabit pofteriort.
§ Ineadé proportione dicuntur effe ma-
gnitudines, prima ad fecundam, &
tertia ad quartam,quando ¢que mul-
tiplices, prima & tertiz, qué multi-
plices; fecundz & quarta, {fecundum
quamuis multiplicationem ; vtraque
abveraqg;; vel zqué deficiiit, vel gqué
. aqualesfunt,vel gqué fuperant,fior-

* dine fumantur. V¢fiborum quatuor
numerorum §.6.4.3 prines € tertij ac-
cipiantur wqué mnltiplices 16,67 3. fé-
eAdi & quarti18.& 9. & collocentur eo
ordsmne,quo numeri , quor um funt mul-
tiplices, hoc nimirum16,18. 8. 9. fiiams
primus minor fit fecundo,erit & terting
quartominor ; & fi masor., masor, fi -
gualis, aqanlis, fi inquambac femper
contingar dicttur guatnor magnitudi-
nes in eadem effe proportione..

- € Magnitudines qug candem proportio-
nem habent, proportionales vocan-
tur, Ve 4.8 235tem 6.8 3.cum habeant
eandem proportionem, nempe duplams,
dicuntwr proportsonales, .

-9 Quando gqué multiplicium multiplex .
prim& fuperatmultiplicem {ecundz;

: M2 at
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atmultiplex tertianon fuperat mul-

tiplicem quart; prima ad fecundam

dicitur habere maiorem proportio-
nem quam tertia ad quartam. -
8 Analogiaefl proportionii imilitudo.

" 9 Analogia in tribus minimis terminis
confiltit.[V in his numeris 4.6.9. vt e«
nim 5% primus adfechidum , ita fecnn-
dwsadtertiums.

10 Cum fuerint tres magnitudines pro-
portionales, primaad tertiam dupli-
catam proportionem haberedicitur
eius,qud habet ad fecundam. Ve cuns

[fuerint proportionales hitres numers
2.4.8.eritproportioguamhabet 2.4d 8.
duplicata eins,quam habet ad 4.

11 Cum fuetint quatuor magaitadines
proportionales prima ad quart tri-
plam proportionem habere dicitur
cius,quam habetad fecidam. Et de-
inceps femper vna amplius quoad
vig; proportio extiterir.Vr i/ pro-
portionales biguatsior numeri 2. 4. 8.
16, erst proportio guam babet 2, ad 16.
triplacimiquambabet ad 4.

-12 Homologe,feu fimilis rationis magni.
tudinesdicuntur effe; antecedentes
antecedentibus, confequentes con-
fequentibus. .

13 Fer

—————
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43 Permutataratio,eft fumptioantecedé-
tisad antecedenté, & confequétis ad
confequentem, Dewiferatur prop.i6.
1 guacumest Ut Aad BstaC ad DSt
gwog, permewtide, vt AadCsita Bad D,

24 Conuerfaratio,eft fum gioconfequé-
tisve antecedentis ad antecedétem,
vtad confequentem.Vide cor.g.prop. -

15 Compofitio rationis eft fumptioan-
tecedentis vna cum confequente,vt
vna,ad confequentem. Demsifiratnr
prop.as.inguacumest vt ABadED;
524 CFad FD;est quog, vt ABadFD;
#taCDadFD. =~

16 Diuifio rationis eft fumptio exceffus,
quoantecedens fuperat confequen~
tem,ad confequentem: Demofiratmr
prop.az.inguacnmest, ot ABadB E;
#4CD#dDE, eit quoque vt AEad
EB:staCFadFD. _

* 17 Conuerfio rationis ft fumptio ante-
cedétisad exceflum,quoantecedens
confequentem fuperat: Demifirarur
prop.ag.inguacumeit ye ABadCD,
$24 AEadCFerit quoque EBadF D
wtef$ABadCD.

18 Exzqualiratio eft cum plures fuerint
magnitudines , & aliz ipfis numero
zquales,qug binz,& incad€ ratione

M3  fumun-

= N T Ty < - - .
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fumantur, fueritd; vt}in primis ma-
nitudinibus prima ad vitimi, itain
Fccnndis primaad vitima.Veleft fum

- ptioextremarii per {fubtra&tioné me

-

N 1

diarii.Demifiratnr 22.5n qna el eft ve

~ AndBytaDadE;¢rveBad Cista E ad

Fieritex aquali,vt AadCistaDadF.
Qtrdinata proportioeft, cum fuerit ve
.antecedensad confequentem,ita an-
- tecedensad confequentem;veautem
confequensadaliam quampiam, ita
confequensad aliam quampiam, Iz
Prop.2o. G 23.inprimis magnitudsnsh®
antecedens eSt Aconfeques B.alia gue-

- piam C: sufecundis antecedens eit D,

20

¢onfeqnens E, alia quapiam F.
Pertutbata proportio eft, quando tri-
bus exiftentibus magnitudinibus; &
aliis ipfis numero zqualibus, fuerit
vtin primis magnitudinibusantece-
dens ad confequentem;itain fecup-
disantecedens ad confequentem. Ve
autem in primis confequés ad aliam
quampiam : itain fecundisalia quz-
piamadantecedentem.Vein21.¢7 23,
s prop. inprimistribus magnstudinibus
- antecedens est Aconfequens B, aligs
guepiam C. In [ecandis antecedens es¥
Eoeonfequens F, alia guspiam D,
' x Pro-
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Propof.1.Theor.r.
Si fuerint quotcunque magnitudines
gquotcungne magnitudinwm,equalism
nymerofingule ingularum .cqué mul
tiplices, quotuplex eft vna magni-
sudovnius totuplices funt om-
nesomnium.
Int quotcumque magnitndinec AB,
CD, quotcumque magnitudinumE,
¢7 F zquilum pumero,
Ar ¢ T fingulz fiagularum -
° que 'm'ultip%lcles. Dico
G H .
quam multiplexeft AB
ipfius E, tara multipli-
B cescffe AB, CD fimul,
ipfarum E, F fimul. Cum enim quam
multiplex ¢t A Bipfius E , tam mulciplex
fit C Dipfius F; eruntin C D tot magni-
tudines zquales[ipli F; quotfuntinAB
Zqualesipi E. Diuidatur A Bin magni-
tudines A &, GBzqualesipi E; EtCD
in C H, H D zqualesipft F; eritque mul-
titudoipfarum A G, G B zqualis multi-
tudiniipfarim CH,HD: cum§ue AG
. ipfi E,& CH zquale fitipfi F;erunt A G,
CH zqualesipfis E, F. Eademdecaufa
erynt G B, HDipfis E, Fzqualess quot
- Mg erga
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ergo in A B funt magnitudines 2quales
ip%E,tot funtin AB, CD2qualesipfis
E,F. Quz quam multiplexeft A B ipzus
E,tam multiplices funtA B, C D ipfarum
E, F. Siergofucriat, &¢, Quod oportait
demonfirare,

Propof.z, Theor.z2. »
Siprima fecundeagné multiplex fue-
| Tit,atquetertiaquarte, fueritasiem
& quintafecundaaqué multiplex, at-
gue[exta quarta;erst G compofitacx
" prima & quintaagnémultiplesfé-

" cunde,atquetertis G fex.

f‘.ﬂ’“’ 14,

Sto prima A B fe-
—cundg¢ C ¢qué mul-
riplex,atque tertia DE
quartz F: fit verd &
. quintaBG fecundz C
ué myltiplex,atq; fex
HquartzF, Dico

z
FeaE

AN & com oﬁum ex Pri..
ma& quinta AG fecundz C, zqué mul-
tiplicem effe,atque eft tertia & fexta D H,
quartz F, Cum enim quam multiplex
et A B ipfius C, tam multiplex fit DE

ipfius
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fpfius F,eruntin DE tot magnitudines ¢-
quales ipfi Fy,quot funtin AB zqualesipfi
C. Eademque de caufa quot funt inBG
aquales ip{1 C, tot erunt in EH zquales
ip% F: quot ergo funt intota A G 2qua-
lesipfi C; tot funtin tota DH zqualesipfi
F.Quam multiplex eftergo A GipfiusC,
tam multiplex eft D Hiplius F.ErgoAG
compofita ex prima& quinta fecundz C
2qué multiplex eft, atque tertia & fexta
D H quartz F.$i ergo prima fecundzz,&c,
prﬂ oportuitdemonftrare,

Propofitio 3. Theor, 3.
Si prima [ecunds equé fuerit multi.
plex,atque tertinquartasfumantur as-
tem agué multiplices prime O tertias
eritex aquali fumpsarum vtrague v-
trinfque aqué mulsiplex, alseraqui-
demfecundesalteraansem
, gwaria,
Stoprima A fecundz B 2qué muli-
Eplex,,atque tertia C quartz D.& acci-
iantur ipfarum A, C zqué multiplices
F, GH. Dicozqué multiplicem effe
E Fipfius B,atqueeR G Hipfius D. Cum
Mgy cnim
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enim zque multiplex fit EF ipfius A, ate
que cft G Hipfius C! contincbunturin
GH tat magnitudines

s . zquales ipfi C, quot in
3 EF zquafesipﬁaq-Di-

1! uvidatur EF in magnitu-

[ dinesEK,KF, zquales

T IipﬁA;& GH in GL,

¥ ABG ¢ plHaqualesipfi C. ER
) autem multitudo ipfa-

rum EX,K F zqualis multitudini ipfarum
GL, LH, Et quia zque multiplexeft A
ipfiusB,vt C ip?ius D;cfique EKipfi A;
& GLipfi Czqualis,erit & EX ¢gqué mul-
tiplex ipfius B,vt G Lipfius D. Eademde
caufa zqué multiplex et K Fipfius B, vt
LHipfius D. Cum i?itur prima EK fe-
cundz Bzqué multiplex fit,vetertia G L
quartz D; {it vero & quintaK F fecundz
B zqué multiplex, vt eft fexta LH quar-
tzD; 4 erit & cGpofita ex prima & quin-
ta EF fecundz B zqué multiplex, atque
eft tertia cum fexta G H quartz D. Si

ergo primafecundz,&¢. Quad - -

.y oportyit demon~ '

ftrare.

Propa-

TSI T il 1 Sl | Mgt i iy o X,
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‘Propofitio 4. Theor. 4.

Siprima ad fecundam eandem babye-
git proportionem,quam teytis adquar-
tam; habebunt é'cgue_multi lices prie
wa € tertiead a_qwemﬂltiffu.c Cctuna
Ae s quarte,fecundam quamuis mnle
tiplicationem eandem proportio-
nem.fiyvt inter[¢ refpondent,

« flmptafucrint.

_YAbeatprima A ad fecundam Bean<
dem proportionem, quam tertia C
+ ad quartam D, Etacci~
pianturipfarum A,Cx+
1 que multiplices E,Fj
4 ipfarum verd B,D qua.
| cunque alizzque mul-
I 1 [t lié:esd(éH, Dico v(:

' et Ead G,itacfle Fa
KE .AIBGM'. H Accipiantur enim
: 77 ipfarum E,F zqué muly
tiplices K5 L; ipfarum vird G, H zque
multiplices M, N. Et quiaita multiplex
eftEipfius A, vt F ipfius C:acceptzque
funtipfarum E,F zque multiplices K, L 2

[ 3

#ita crgo multiplex cft K ipfiusA, veLapropa. g

igﬁ_us
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p ipfius C.Eadem decan-
aita multiplex eft M ip-
‘ & <} fius B,vt Nipfius D, Et
uig cft vt AadB;itaC
: , ad D, accepteque funt
, ipfarum A, C¢que mul-
' II tiglli;ccls) K,{:; iplarum ve-
o B, D aligquecunque
LFCDHN M,N:be g xlgfup:lrat
M., fuperabit & L ipfam N ; & fi gqualis,
¢qualis ; i minor, minor; funtque K, L
ipfarum E,F zquemultiplices; M vero &
N funt ipfarum G, H ¢que multiplices:
ceftergo, vt EadG;ita F ad HL Siergo
primaad fecundam, &c. Quod oportuit
demontftrare, ' S

Lemma.

Quoniam demonftratum eft, {iK fu-
peret M, fuperare &L ipfam N; & fifis
zqualis,eflezqualem; i minar,minorem.
Conftabit etiam, fi M,fuperes X, fuperare
& Nipfum L, &fi fit 2qualis, cfle 2qua-
letn,ﬁP minor,minorem.atqueidcirco erit

vtGadE;itaHad F.

Corollarium.

- Exhocmanifeftum eft, fi quatuor ma~
' ghitu-
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gnitudines fuerint proportionales, & 5~
uerfim proportionales cfle. Hoceff fieft ve
o14dB;itaCad D;effé guoque B ad 4, ¢
DadC. . ’ ‘

Propofitio 5. Theor.s.
Si magnitudo magnitudinis aque mal-
siplex fuerit , atque ablata ablate ;&
religua relique aque multiplex
erit atque tosatotine, '

SIt magnitudo AB magnitudinisCD
zque multiplex, atque cft ablata AE
ablatz CF. Dico &reliquam -
A EB;reliqug F D zque multi-
¢ plicem effe,vt efitora A B toti-
€ us CD. Quotuplex enim eft
FAE ipfius CF, totuplex fiac
D EBipfiusCG. Etquiazque
multiplex eft A Eipfius CF,at-
queEBipfiusCG, werit A E gque muls agrops.g.
tiplex CF atq; ABiPﬁus GF; ponitur au-
tem A E ¢quemuluplexipfins C F,atque
cft A B ipfius C D:zqué ergo multiplex
cft ABvtriufque GF, CD:b¢quales er> bealigias
gofuntGF,CD; Communis CF aufes ewan.7.
ratur, & eritreliqia GC reliquz DF 2-
qualis. Et cum zque multiplex it AE
iplius CFatq; EBipfius G Cyefique GC
o ®qua-
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#qualis DF. ¢queergo multiplex @ A E
ipfius CF,atque E B ipfius F D, ponitut -
" autem & A Eipfius CF eque multiplex,
vt AB ipfius CD: zque cr%o multiplex
EBipfiusF D3atque ABipliusCDjer-
goreliqua EB, relique F D £que multi-
‘plexefl, atquecft tata A B cotius CD. Si
ergo magnitudo, &c. Quod oportuitde-
moonltrare.

Propofitio 6. Theor. 6.

Si due magnitudines duaram wmagni-
“tudinum aqué mnltiplices fuerint , &
‘wblate quedam fint earundem agué

multiplices;érunt reliquecifdem
 aut aguales,iut aque -
: multiplicess

SIntdu?z magnitudines A B, CD dua-
A Jrum magnitudinum E, F zque multi-

A plices,auferanturqg; A G,
¥~ CHoearundemE,Feque
cl g~ multiplices. Dico reli-

- S quas GB, H DipfisE, F,

- Gl aut equales effe,aut gque

. - I muliplices. Sit primo
B D EF GBipfiE zqualis. Dico

- & HD iptiF gqualé effe.

Pona-

T mmi—aamy T i e breeecsamogir e -
e o
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Ponatutipfi F zqualis CK. Cum igitur
AG zque muhiplex (it ipfius E, arque

x C Hipfius F; fic vers GB

AT  equalisiphE, & CKipfiF, .
[ 1 4 gque multiplex erit AB 27244
1 ipfius E,atque K Hipfius F.

el Ponitur autem ¢que multi-
6 plex AB ipfius E,atqueeft -
- CD ipfius F : 2que ergo
] multiplex eft KH ipfius F,
{ E I I atque C D eiufdem F. Cum
4 D E P ergo viraque KH,CDip-
fiusF ¢que ficmultiplex,b¢- beolligitur
qualiseritK Hipfi C D.: Communis C H ex axiomas
auferatur, &eruntrelique KC, HD 2. #&
quales: Sed K Cequalisleft Fergodt HD
cidem Fequalis erit; Eftergo GB gqua-
lisiph E& HDipfi F. Similiter demon-
ftrabimus i GBipfiusE fueritmultiplex,
¢que multiplicem efle H D ipius F, -
Si ergo dug magnitudines,
Quod oportuitde-
monttrare,

- Pre4
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Propofitio 7. Theor. 7.
AEqusles ad candem , eandems habent

proportionem, - eadem ad
equales,

S Int magnitudines A, Bequales, & alia
- M quzcunqueC. Dico vtramque A, B
candem proportionem haberead C, & C
candemadcafdem A, B. Accipie

. T7 anturipfatum A,B zque multi-

I plices D, El:l & lal_ia Ié ipfius C, vt~

, cunqiie multiplex. Cumigiturgs

4 que?nultiplcx%t D ipﬁusﬂ, &E

aCollipiror ., ipfius B; (it vero A 2qualis
PPN 27 ] B,acrit & DzqualisE;eft-
T17aue alia F vtcutique multi-

E B g gv PlexiphusC. Sicrgo D ma-

- ior cftipla Fjerit & E cadem
“Fmaior, & fi zqualis, zqualis ; (i minor,

minor ;funtq; D,EipfaralA,B ¢qué mul-
tiplices, & iptius Calia F vtcunque miulti=

Bdefis 5. p&! teftbergovt AadC;itaBad C. Di-
co& Cad vtramque A; Beandem habere
proportionem: Iifdém enim conftruis
oftendemus B zqualem effe E ; & aliam
quandam F, Sicrgo Fmaioreft D jerit&
maior quam E; & fi 2qualis, 2qualis; i

. minor, minor; cfique Fipfius G maulti-
: plex;
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Plex soliz verd D, E vecunque multipli-

ces ipfarum A B:éeftergove Cad A, ita edefis g

Cad B. Si ergo zquales ad éandem; &e

Quod oportuit demonflrare,

~ Propoficio 8.Theor.8.

Inagqualism magnitudinum maior «d

#andemsmaiorem habes pyoportionem,

guam minor ; Et tademt ad mini-

rem maiorém habet,quim

- . admdiovém. )

Slnt inzquales magnitudines AB, €3

fitque A B maiorquam C, fit &alia D

quzcuridues Dico ABad

D maioré baberq propor= ..

tionem,qud CadD;&Dad

C maiorem, quamad A B.

{ ¥t . Cum ehim A B maior fity
l quam C; ponatur ipft C =

> ©ipfarum AE, EB drmultis -
g P icetur, donecmaior fiat
quam D:Sit primo A E mi-
. , ﬂorqua‘mEB;&mﬁlti%ﬂa
_ cetur A E,danec miaior flat

! | 1 quam D,quafic ¥ G; E¢

M quam mulsiplex ¢t FG

‘ ' " N iplls

qualis B E: Itaque minae adsfe ifs
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* ipfius A E, tam multiplex fiat G H ipfins
E B,& Kipfius C.Sumatur L ipfius D du-
pla.Mtripla, & ita deinceps vna plus quo-
ad fampta multiplex ipfius D, fiat primo
maior qui K,fumptafit N quadruplaipfi-
usD,& ?risno maior quam K, Cumergo
K primo minor fit quam N, non erit K
‘minor qusm M, cumque zque multi-
lex fic F Gipfius AE,& G HipfiusEB;
crit Fifk. gque multiplex ipfius AE, &
. FH iglius A B, zque autem multiplex
pamz. CftF i{)ﬁ‘us AE,& KipfiusC.'e zque
ergo multiplex ¢t FHipfius AB, &K
: ipfw‘é C:fancergo F H, & K 2qac mulsi-
Plices ipfarum- A B, C. Rurfus cam G H{
ipfius EB zque fitmultiplex , vt Kipfins
d Collsgitur & fitqueE Biphi Czqualis: derit & GH
exax. s, jphKzqualis’AcK non cftminor M3 er-
go nec GH minor erit M:malorautém
¢t F G quam Djiotaergo EH vraq; D, |
M maior eft, Sed vtraq; D,M aqualiseft
- ipfiN, cum M ipfius D fit tripla, viraque -
- autem M, Dipfins D quadrupla: et vero
& Nipfius D-quadrupla: ergo viraq; M,
~ Dzquales funt ipfi N:fed F H ip'ﬁ?'l. g
- wdefi3.5. maior cfl.e Ergo FH fuperatN.& Kn
j fuperat N.quiaergo FH, &K funt zque
multiplices ipfarum AB, C; At N iS 10s

b}

{

bprop.ass.
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thcuhq; multiplex eft, fhabebit A Bad fCanmenin
D maiorem proportionem quam Cad D. /i#* gwars-
Dico contraD ad Cmaiorem haBere,qui ::Z;{” "
ad A B.ij{dem enim conftructis, fimiliter , 5 p, ¢,
demonltrabimue N fupetare K.& non fu- b.superers,
perare F H. Erenim N multiplex eftipfi- smwiriplex
us D:ipfarum vero A B,C vecunque mul. e ‘7{
tiplices funt FH, K:habetergoDad CZ:’”Z‘Z;;;
maiorem proportionem, quam ad AB.”, .1
Sitiam A E maior quam EB,& minor EB plex rervia
multiplicata fiat maior quim D, quz {it Kwon/u-
.o G H,multiplex quide ipfi- 2 winl-
g  usEB,maiorveroquamD. ;Z:::Z\r,
Etquam multiplex eft GH ., o, 10r
A ipfiusEB, tam multiplex proporso
[ &1 fiat FG ipfius AE, & K 4BadD.
{ ]' ipfius C;fimiliterg; often- 7“4”:1‘5"“
& H B gdemusFH, &K iplarum 25:;,'10'7*
- AB,Cazquemultiplices cf- '
8 {¢. Sumaturdeinde N multi-
{ plex quidem 1pfius D; primo
} autem maior qaam F G, vt
{ T rurfus F G minor non fic
NMLD quam M; maior vers G H
quam Djita vt tota F H ipfas D,M, hoe
eft,N fuperet; K vero ipfam N non fupe-~
ret,quoniam &GF maior quam GH,hoe
cft, qua K, ng fuperatN.atq; ita perficie-
.. Nz mug
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mus demonftrationem vt fupra. Inzqua-
lium ergo, &c. Quod oportuit demon-
@rare. :

Propofitio 9. Theocr. 5.

" Dsusad eandem,eandem habent pro-
portionem, aquales fumt: Et ad quas
eadem candembaber Grillafunt
aquales.

, HAbeat vtraque A, &B ad Ceandem
proportionem. Dico A, B zquales
aprop.d.s, effe. Sinon funt equales,# non
J habebitvtraque A, Bad Cean-
dem proportionem ; habet an-
4 tem 3 quiales ergo funt. Habe-

at deinde Cad A, B candem
2 propartionem. Dico A,Bz-
quales effe. Sinon funt zqua-
bprop.d. 5. ’ les ; b nonhabebit Cad A,B
candem propottionem, Habet sutem,z-

quales ergo funt. Qua ergo ad eandem,

&¢.Quod zportqitdemona
rare.

<t(o)s
L2=00- L

Pro-
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Propofitio 10.Theocr. 10,

Ad candems proportionem habentium,
quemaiorem bhabet maior eft s ad qudns
wero cadem masorem babet , mii-

nor eff, _
Abeat A 2d C miorel;u
1Yo iQnem, quam .
Dico!;\ rg(:ir;r:m d!'e.,q Sinon,

1o Dor. nonzqualis e vtragslenim
A, B candem habgret propor-
‘{ tionemad C; at non habet ; nd

ergo Bequaliseftipi A. Non

T aut A cft zqualis - B, aug mi« 229.9.5

minor. quia i minor eflet Ap yp.s..

quam B. § haberet A adCmi-

B norem proportjonem , quam
B; at non habet: non ergo A

minor eft quam B. oftenfum eft

autem quod neque fitzqualis.

maior eftergo A quam B. Ha-

beat rurfus C ad B maiorem propartio-
nem quam ad A; dico B minorem effe,

quam A. Si non;aut eft zqualis , aut ma- cpraps.g.

ior. Non zqualis, ¢ haberet enim Cad A
& B eandem proportionem satnon ha-

bet; non ergo A zqualisetipfi B, Neque dprep.. 5,

maiorelt Bquam A; dhaberetenim Cad
N3 Bmi. -

-
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Bminerem proportionem quamad A; ae
non habet: non ergo B mator eft quam
A. Oftenfum eft autem quod nequez-
qualis,maior ergo eft A,quam B. Adean-
dem ergo proportioné, &c. Quod oporw
tuit demonftrare.

~

Propofiti~ 11.Theoor.. x 1.

Lus cidem eadem funt proportiones,
O snter feeadem funt.

ItvtAad B,{icCadD ;& vt Cad D,
Jic EadF. Dicoefle vt A ad B;itaEad
F. Accipiantur enim ipfarum A, C, E -
que multiplices. G, H, X : ipfarum verd
‘w q.yz B» D, Faliz vicunque z-
p que multiplicesL,M, N. Et
quiaeft,vt AadB,itaCad D,

acceptgque funt iplarum A,

C zque multiplices G, Hs>

& A B L ipflarumverd B, D vtcunque
s def 5.5 zque multiplicesL,M:aer-
IIZ o fi Gexcedit L, excedic &

} I Hipfam M, & fi zqualis, =-
1 I i_ qualis; i minor, minor.Rur-

i [T fus cum fit veC ad D;itaE
H € DM ad F,&accepte fint ipfarum
C,E zquemaltiplices H, K;

. lea-
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I 1. 7z ipfarum verdD;F aliz vtcun- bde 5.7
_ 1 quezque multiplices M, N. -
't 1.0 4 Pdergofiexcedit Hipfam M,
{ 4 excedet & Kipfam N ;& fi»-
I qualis, zqualis;fi minor, mi-
X E F Nnar. Sed fi exceditH ipfam
M; excedet& GipfamL ; &
fi zqualis,zqualis ;i minor,minor. Qua-
re fi excedit G ipfam L, excedet & K -
ipfam N; & fi zqualis ,’ 2qualis : fi mi--
nor , minor. Et funt quidem G, X ipfa+
rum A, E zque multiplices : L ,Nve-
ro ipfarum B, Ffunt aliz vtcunque 2-
ue multiplices. Eft eergo ve A at B;cdefiin
ita Ead B, Que ergo cidem, &¢.
Quod demonitrare o~ .
portuit.
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Propofitiorz,Theocr.x2,
Si quotcunque magnitudines propor-
tionales fuerint, erit vt vnaanteceds-
tium ad ynam confequentinm ,itaom-
ues antecedentes ad omnes
’ ;m[egnmm',

o ' ’
Slnt quotcung; magnitudines A, B, C,

| - & EadF. Dicovteft AadB;

v ita CfTe A*C’El ad E,D,FQAC"

cipiantur ¢nim iplarym A,

f L K:ipfarum verd B, D, F aliz

& A B L vtcunque zque multiplices

L,M,N, Et cum fitye Aad

ipfarum quidem A, G, E zque multipli-

«nrz <G H,K;ipfarum vero B,

~ "4 D,F.alig vtcung; zque multi-

d,i%,exccdet( & Hipsi N;&K

ipfam N; & (i zqualis, zqua-

HC ’?Mlﬁiﬁ min:ar.min%r, (.m:lreﬁ

D.E,F,vtquidem A ad B ; itaCad D,

C,Ezque multiplices G, H,

B;itaCad D; &F ad F,acceptzque fint

wng, 4 i plicest,M,N;ergofisG exce-
1

excedic G ipfam L; excedent & G,H,K]i-

P@LM N;Ggﬁ gqualis,equales,fi minor,
' . ming-
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minores;funtque G;&G,H,
W-IZ _ Kipfarum A,&A,C,E,¢qué
multiplices; b quia i fuerint bprop.r.00
| quotcumque magnitudines
[ 1 quotcung; magnitudinum,
K E F N zqualism pumero fingulz
" 7 fingulorum 2qué multipli-
ces, quam mulsiplex eft vna vaius, tam
multiplices funt omnes omnium, Eadem
decaufafunt, L, &L, M,NipfarumB,&
B,D,F zque multiplices. Eftergovt Aad
B;itaA,C,Ead B,D,F.Si ergo quodcum-
quejmagnitudines, 8c. Quod oportuis
demon&rarc.

. Propof.13.Theor.13.
Siprimaadfécundans eandem propor-
tionem habucrit ,quamiértinad quar-
tam; tertiaverd adquartammaiorems
babam'tgum quinta adfextam; hae

bebit & primaad fecundam me-
iorem, quam quinta ad
" fextam,

Rima A habeatadfeciidamB eandemy

proportioné, quam tertia Cad quar-

tam D, Tertia vero Cad quartam D ma-

joré habeat, quam quintaEadfextam F.
. Ny Dicg .
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Dico primam A ad fecun-
dam B maiorem habere,
quam quint3 E ad fextam
F. Cumenim Cad Dma-

' jorem proportionem ha-

beat,quam Ead F; fintque

| ipfarum C,E qu¢dam gque

™ N multiplices; ipfarum verd

G.

N ipﬁu‘s B.E

D, F aliz quzcumque:ac
‘multiplex quidem ipfius C
excedat multiplicem ipfi-
us D multips’cx verd ip-

3
fius E non excedat multi-
~ plicem ipfius F. Sint ergo
' [ 1 tpfacum G, E aqué multi-
¢ Dk

plices G, H:ipfarum D, E-
alizvtcumqueK, L, « fic,
vt G quidem K excedat : H
verd Lnon excedat. & qui
multiplex eft G ipfius C,
tam multiplex {it M ipfius
A;&quam multiflcx eftK
ipfius ID, ram multiplex fic
tcum fitve AadB;itaCad

Diaceepted; fintipfarum A,€ zqué mul-
tiplices M, G : ipfarum verd B, Daliz vt-
cumque equé multiplices N,X,fiM fupe-
rat N, & G fuperabitK;& fi equalis,equa~
lis:fs minor, minor :fuperatauté Giplam

K;fue-
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X bfuperabit ergo & Mipfam N:at Hng-
fuperat Li& funt M, Hipfarum A,E ¢qué
multiplices; N vero & L ipfaram B,F vt-.
cumque gque multiplicesfupt:c habet er-
o A ad Bmaiorem propertionem,quam.

= ad F. Siergo prima ad fecundam, &c.

Quod oportuitdemonttrace, _
- Propof14.Theor.14.
Si pxima adfecundam eandems habue-
7if propertionem,quamsertinadquar-
2am; prima autem quam tertis major
Juerit,erit & fecundaquam quarts
- mpnior:Crfiequalis,aqualis; fi
. inor,minor,

P&ima A adfecundam B eandem ha-
beat proportionem, quam tertia Cad

18 quartam D, & fit A quam

: - Cmaior. Dico&Bquam

- D maioréefle. Cum enim
} { I A quam C maior fit, fitque

: alia quacunq; magnitudo
A B CPg shabebit Aad Bmaioré
proportionem, quam CadB. Vtautem
A ad Bsficeft Cad D:ergo Cad D maioré
habet proportionem,quam Cad B. Ad
# quam autem cadem maiorem propor-
tionem habet; illaminar eft; mingrergo
ef D.quam B.quare BquamD maig‘ eft,
mi-

bdefinsi

apropd. &

bpropd.gl

.- 'i:.‘"'l



104 LIBER V.

Similiter demonftrabimus fi A zqualisfie
. C,&Bipfi Dzqualéeffe:&.fi A minorfic
quam C, & Bminorem effc quam D. Si
ctgoprimaad feciidam, &c. Quod opor-
tuitdemonftrare.

Propof1§.Theor.s§.

Parses cum pariter multiplicibus ean.
dems habenwt proportionem;fivi fi-
bimutuo refpondent , fu-
mantur.

SInt zquemultiplices AB ipfius C, &
D Eipfius F. Dico effe vt CadF; ita
A A BadD E.Cum enim
A B ipfius C itamulti-

plex fit,vt D Eipfius F,
eruntin AB tot magni-
K} - tudineszquales ipfiC;”

b quot funtin DE zqua-
lesipfiF. Diuidature-

B C E ¥ nimABinmagnitudi~
nesAG,GH,HB gqualesipfi C.EtDE i’
DX, KL,LE zqualesipfiF, eritq; multi~
tudo A G, G H, H Bzqualis multitudini
DK XKL,L E.Etquiatam AG,GH,HB,
quam DK, KL, L Ezqualesfunt, erit vt
AGadDK;itaGHadKL,&BHad LE:
oo : erig

.IS'D
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weritergo vt vanum antecedentium ad v- asrep,00.4,
num confequentium ; itaomnesantece-

dentesad omnes confequentes. Eftergo
vtAGadDK;itaABad DE. Eftautem -
A Gipfi Cequalis, & DKipfi F: ergovt -
CadF;itaA Bad DE. Partesergo, &c,

Quod oportuitdemonttrare.

Propof16.Theor.16.
Siquatuor magnitudines proportions-
lesfuerint,(r permutasapropor-
tionales erant,

Slnt quatuor ma%tﬁtudinespmporﬁo-
nalesA,B,G,D.Vt AadB;itaCad D.
Dico & permutatas propor-
16 tionalesefle:VtAad CiitaB
. ad D. ‘Accipiantur enim i-
pfarim A, B 2que multipli-
I i ces, E,F;iprarumC,Daliz
- vtcumque G, H. Etquia E.
EAD Fp a!quc‘:l multiplices !fllmtip-
farum A, B; # habentd; pat-  spyp, 1. ;
tes eodem modo multipli« '
16 cium cidem propottionem’
i interfecSparatg,etitvt Aad
@ <DH

I

BjitaEadF. VeverdAadB;
itacft Cad D: ergovt Cad
DjitacltEnd F.Rurfuséu;;



bprep.as.s

wprop.ig.s

ddef. 505

w06 LIBER D .
G,Hipfarum C,D fint 2que multiplices;
beritvt Cad D, itaGad H. VtavtemC
adDjitaeftEadF:ergovtEad Fjitactt
G ad H. ¢ Cupm aut€ quatuor magnitudi-
nes proportionales fuerint , & primaqua
tertia maior fuetit,erit & {ecfida qua quar
tamaior; &,(1zqualis , zqualis; {i minor,
minor.Ergo i E fuperat G,& F fuperabic
H. &,(i zqualis, 2qualis; fi minor, minor.
Suntautem E, Fipfarum A,B,zque mul-
tiplices. G, Hverdipfarum C, D vtcam=- -
quefuntzquemultiplices. o Eftergovt
AadC: ita Bad D. Siergo quatuor ma-
goitudines,&c. Quodoportuit demons
ftrare. '

- Propofi7.Theor.17.
i compofita magnitudines proportioa
 malesfaerint,& dinifeproper- -
tionales erant.

... QIntcompofitz ngnitudi;lc;-AB,.BEa

C D, D F proportionales. Vtquidem

:AB,ad BE;itaCD,ad D F. Dico & diui-

fasproportionalesefle, ve'A Ead E Bjita
CFad ED.Accipiantur coimipfarii A Es
‘EB.CF,F D zquemultiplices GH,HK.
L. M, MN.ipfarii verd EB, FD alix vscid-

que
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’,.X. quezqué multiplicesK X,
I> P NP. Etquiazquémuli-
plexelt G HipliusA E, vt ‘
X HKipfius EB; 4 erit GH aprop.1. 54
& ipfins AE equé multiplex,
H! Bp | vtGKipfiusAB.¢queau-
E F}M tem multiplex eft GH i-
{ plius AE, vt LM ipfius
G ACL CFbergogque multiplex brop.rr.s
eft GKiplius AB,vt LM ipfius C F.Rur-
fus quia gqué multiplex eft LM ipfius CF,
veMN ipfius FDj; ¢ erit LMipfius CF cprop.z. 5
zqué multiplex, vt L N ipfius C D.2qué
autem multiplex erat L M ipfius CF, vt
GKipfius AB: 4 ergo G X zque muli- dprop.1ng,
plev eftiplius AB,ve LN ipfics CD.Sunt -
ergoGK, LNipfarum AB, CD zqué
multiplices, Rurfusquia HK ipiusEB
zqué multiplex eft,ve M N ipfius F D, Eft
vero & K Xipfius E B 2qué multiplex, vt
N Pipfius FD.e erit compolicaH X ipfius €271 S,
E Bzqué multiplex,ve M P ipfius D;F.Et
quiaclivt ABad BE;ita CD ad FD;fum-
ptaque funtipfarum AB, C D zque mul-
tiplicesGK, LN. Ipfarum verto EB,F D
aliz vtcunque zque multiplices HX,M P.
Siergo G Kfuperat HX,& L N fupetabit
MP, Etfigqualis, gqualis; i minor, mi-
* hol,
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X nor. Superct GK ipfam
I7 +p HX,ablatacommuniHK,
fuperabit G HipfumK X,
X Sed fi GK fuperat HX, fu-
' perabic & L Nipfam MP.
7l Bp § Soperet ergo L N ipfam
EI‘} N P, fuperabit (communi
MNablata) & LMipfam
@ A CL NP. Quare{iGH fuperat
KX, & LM f{uperabit NP, Similiterdes
monftrabimus, i G HequalisitK X, &

- LMazqualen effc N P;& {i minor;mino-

’ "“ﬁfah

rem.EtfuntGH, L Mipfarum AE, CF
eque multiplices.ipfarum verd EB,F D
aliz vicumque KX,N P.dEftergovt AE
adEB;ita CF,ad F D.Siergo compofis
tx,8cc. Quod oportuit demonflrare.

Propof.18.Theor.18.
Sidinife magnirndines proportionales
fuerint,Cr compofisa propor-
tionaleserunt.
Int diuifx magnitudines A E,E B;CF,
F D proportionales. Ve A Ead E Bsita
CFadFD. Dico & compofitas propor-
tionales effe,ve ABad BEsitaCDad FD.
Sinoneft vt ABadBE; itaCDad FD;
fitwe ABadBE;iuQDggladmin%'eB\
(
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18 -FDjvel ad faiorem. Sit primoad

minorem D G. Cum ergo fit, ve

€ ABadBE;itaCDad DG,erunt

compofitzmaguitudines propor

€ tionales; 4 funt ergo & diuifz,vt
AEadEB,itaCGad GD;poni-
G} turautem vtA EadEB:itaCF
B D adFD:beritergovt CGad GD,
ita CFad F D. Eftautem prima CG ma-
iortertiaCF: ¢ eritergo & fecunda G D
maior quarta F D; fed & minor eft: quod
fierinon poteft, Non ergo oft vt ABad
BE;itaC D ad minorem 1pfa F D, Simili-
ter demonfirabimus,quod neq; ad maio-
rem FD;ergoad ipfam:Siergo dinife,&c.
Quod oportuitdemonttrare.

Propof19.Theor.t9.

Sifueritvttotaadtotam;itanblataad
ablssams;Grreliguasdreliguamerit,
vt totaadtotam, ‘

Itvttota ABad toti CD;itaablata AE

. Jadablatam CF. Dico & reliquam EB

adreliquam F D effe, vt efttota AB,ad to-

tam C D.Cum enim fit vt tota ABad to-

tam CD,ita A Ead CF; derit permutan-

doABadAE, vtCD ad CF, &5 diui-
o dendo

a)r'op.l 7.5

bprep.ir.g.

cprip1p.f

aprop.16.5
bpropd7.s
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19 dendoBEadEA,vt DFad
. A" FCrurfusque permutandovt
’ € BEadDF;itaEAadFC.Vt
¥ verd AE ad CF; fic ponitur
spropuaLs, tota ABadtotamCD. ¢ eft
ergo reliqua E B adreliquam
' BD,vitotaABadtotamCD.
B Siergo fuerit,&c.Quod opoer-
tuitdemontftrare,
(orollariums. -
Etquia demonftratum eft, ve RAB
_dprop.sd.s. ad CD;ficeffe EBad F D, erit dpermuti-
- dovt ABad EB;itaC D ad FD.compofi-
te crgo magnitudines pportionales funt.
Oftenfum eft autem,vt eft ABad A Ejita
. effeCDadCF, quodeftper conuerfio-
84dsf.17.5. n€ rationis. Vnde perfpicuum eft,fi com-
" pofitg magnitudines proportionalesfint;
& per conuerfionem rationis proportio-
mles eﬂ'e. . .
FaGz autem funt proportiones, &in
equé maltiplicibus, & in analogiis, Nam
N fi priria fecundz zque fuerit maltiplex,
atq; tertiaquarte; erit ve prima ad fecun-
dam; ita tertia ad quartam. Sednonitaex
‘contrarioconuertitur. Si enim fuerit vt
primaad fecundam;itatertiaad quartam,
.' , nog

-



.honominino erit prima fecundz, & terdda
‘quartg zque multiplex,vtin fefquialteris,
velfefquitertils proportionibus, vel aliis
huiufmodi. o
Propof.z0.Theor.26.
Sifusrint tres magnitudines,Cralinil-
bs mumero aguales , quabine ¢ inea-
dem ratione fumitur,ex equali antem
Primaquam tertiamaiar fuerit,erit (¢
guartaquamfextamaior;etfi e~
guabic,aqualic;fi minor,.
minor.
Inttresmagnitudines A, B, C; &aliz
ipfisnumero aqualesD, E, F, ?ux bi-
' nz,&ineadem rationefumin-
wo tUF Vtquidem Aad Bjita Dad
E.VtveroBadC;ficEad Fyex
zquali autem A maior fit quam .
I I C. Dico & D quam F maiorem
effes& fi 2qualis,pqualem: {i mi-
A B T horminoré. Cum cnim A ma-
* 4o iorfit quam C; alia vero quz-
1 cumgq; B. # Habebit Aad Bma~
. forem proportionem quath Cygpp.2.5,
' { adB. Sedvt AadB: ficefiDad o
P EF E, viautem Cad Bitaeltbcon- byopares -

O 2 uer-
2 i .
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_ . ucrrendoFadE: Ergo Dad Emaiorem
bprep.e.s proportionem habet, quam Fad Ez,6 ad
candem autem proportionem habétium,
quzmaiorem habet, illa maior eft; maior
eftergo D quam F. Similiter demonftra-
bimus. $iA fit 2qualisC; & D zqualem
cffe F; & fi minor, minorem. Siergotres
fuerint magnitudines,&¢. Quod demon-
ftrare oportuit.

Propof21.Theor.21.
Si fuerinttres magnitudines , & alia
ipfis mumero equales qua bine,Crin ca-
dem proportione fumantsr , fucrit au-
Lemearumperturbara proportio & ex
agnaliprimamaior fuerst quamzeertis,

& quartaquam [extamaior erit,
O.fi agualis, aqualic, & 5

winar,minor,

Inttres magaitudines A, B,
# S C,&ealig i;és numero ¢qua-
les D, E, F quz binz,8 in cadé
I t!;ationefnmanturﬁtaﬁtpertu;

ata carum proportio vrAa
ABCh r T v BidChicDad
E3fitd; exzquali A qui Cmaier. Dico &
D maiorem eflcipfa F;&fi cqnalis,e?ua-
em;
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lem: i minor, minorem. Cum
ZX  ergo Amaiorfitquam C, fiegs
’ aliaquedam B. 4 Habebit A ad gprep.8.1.
Bmaiorem proportioné,quam ~
% - CadB.fed vitA adfiita cﬁfd:;d Coren
] F.Et éconuertendo,vt Gad B, bpreps. 5+
D E F jt3E ad Die quare E ad F maion € 77745 ’
rem proportionem habet, quam E ad D.
Ad quam aatem eadenp maioré propor-
tionem habet,illa minor eft:minor efl er-
go F,quam D:adeoque maior D quam F.
Similiter oftendemus|fi A it 2qualis C, &
D ipfi F zqualem effe;& fi minor, mino-
ré.Si ergo fuetint tres magnitudines, &c.
Quod oportuit demonftrare.

Propof.32. Theor.s 2.
Sifuerint quotewm g magnitudines, o
aliaipfisnumeroaquales, quabine, &

imeadempraportionefamantar, ¢
ex aqualiineader propor-
sione erwnt, ,

SInt quotcumg; magnitudines A,B,C;
&aliz ipfis numero zquales D, E, F,
quebinz &in cadem propartione fumi -
tur,vt quidem Aad B;ita Dad E; vevero
B ad C;(ic Ead F.Dico quod ex zqualiin
: (O cadem
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. - eadem f{int proporti~
T 2z " one, Hoceft,dicovt
eftAad C;itacfle D
{ '[ { 1 adfF.SumantIu)rcum;
iplarumy A 2qu

ABCDEF i
G KM H LN pfarum B, Ealizvt-
1 camqueK, L. Ieem i-
o plarumC, Falizvt-
cumq; M,N.Etcum
fit, vtAadB ;itaBad
~ E,acceptzquefinti-
plerum A, D zqué
vz - mulnphces G,H. -
11l | plarum B,E aliz vt-
. cuamque xzque multiplicesK, L, 4 eritvt
"n, * G a‘? K3 ltg HadL. Eademdecaufaerit,
vtKad M;iral.ad N. Cum ergo tresma-
nitudines fint G,K,M;& alizipfis gqua-
F $ numeroH L,N,quebinz, &inca-
bprep.20.5 dem proportione fumuntur, b oex zqualx
fi G {uperat M,& H fuperabit N; fizqua-
lis, zquahs,ﬁmmor,mmor EtfuntG.H
ipfarum A, D zqué multiplices. M, Ni-
cdefs,  plaram C,Ficeritergo,vt Aad CjitaD ad

~ F. Siergoquotcumque,8cc. Quod

oportuit demonfrare,
-0 Hom

Pfo:
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Propof.23.Theor.23.
i fuerint tres magnitudines, & alia
. Spfisaqualespumero, gua bina, & in
eademproportione fumantur , fuerit 4,
carsmperturbasaproportios(r ex
" equaliineadem proportios
neerust,

\
LN

: Int tres magnitu-
%3 Sdines A,B,C.&a-
l ‘[ i liz ipfis zquales nu-~
13 { mero binz in eadem
A B C DET proportione fumptz
EMR D,E, F;fit autem.ea-~
T rum perturbata pro-
. portio. Vt Aad B;fic
EadF. VtveroBad
i C;fic DadE, Dico . - >
efleve AadC; itaD :
. i " adF.Sumanturipfa-
, %3 ra A,B,D zqué mul-
. tiplices G,Hq,“;clpfa-,
rum G, E, F, alizvtcumque L, M, N. Ec-
quia G, H ipfarum A, Bfuntzquémul- .
tiplices , 4 partes aytem codem modo aprap.isst
multiplicium’ eandem habent propor-
tionem,crit vt Aad B;ficGad H.Eadem -

04 de
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decanfa erit, vt Ead
~ FijficMadN, cum§;
i fitvtcAadB;itaEad
.)t. Fsb eritquoque,ve &
EF ad H:itaMad N.Rur
x fusquigeftveBad C,
Mr‘ ita ?) adE,fumptzq;

1ué )/

‘2% i
it
boopdth AB D

X

funtipfarum B, D z-

qué multiplicesH,Ke

ipfarumverd C,Ea~

| lizvtcumque L, M;

¢eritveHadL;itaK

ad M. Oftenfum eft

d autem cffe, vt G ad

H;itaMad N.Cii ergo tresmagnitudines

G, H, L, proportionales fing; & aliz ipfis

numerozqualesK, M, N, binzin cadem .

roportionc fumptg, fitq; earum pertur-

dprop.arg bata proportio; ex 4 zqualifi G fuperat

' L;& K fuperabit N; & fizqualis, zqualis;

fi minor,minon(funtque G,Kipfarum A,

Dlequemultiplices L,N verd ipfarum C,

edefisisr Fy¢ EfYfergo, vt Aad C;itaDad F. Sier-
- gofinttres,&c, Quod opor tuit

-~ *  demonttrare,

$E8E2H

Pro-

e e ———— e o ———— o o e
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Propofitio 24. Theor, 24.
Siprima ad fecundams eandenms habue -
vis proportionem,quam sertiaad guar-
tam; babeat ausem ¢rquintaad fecun-
dams eandem, quam fexta ad guartam:
habebit & compofitacx primacy quin-
ta ad fecundam eandem proportio-
wem,quam tertia & fexta
adquartam,

H Abeat prima A Bad fecunds C ean-
dem proportienem, quitertia DE

ad quartam F.habeat veréo & quintaBG
ad fecundam C eandem proportionem,
quam fexta E H ad quartam F.Dicocom-
pofitam ex prima & quinta A Gad fecun-
G dam C candem habere

- 24 groportxonem »qud ha-

et compofita ex tertia
& fexta D Had quartam

B F.Cum enim it vtBG

E adC;itaE Had F;qcrita Lemme

cduertendo vt Cad BG; 70 #+5

vtABad C:itaDEadF.

{  jtaFadEH. Et quiaeft
od i Viverd CadBG;itaF

- ad EH.8Ex 2qualiergoprop.as 54
3 0]

5 e
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eft;vt ABadRG:itaDEad EH. ¢Et
cum diuifz magnitudines proportiona-
les fint, erunt & compofitz proportiona-
 yropars les. Veergo A Gad GB;ita DH ad HE,
0457 £ vero,vt GBad C:ita EHad Fd ex 2-
ualiergoelt, vt AGadC:ita DHadF,
i ergo prima ad fecyndam, &c. Quod
oportuit demonftrare, ‘

\ijn’.l).;.’

Propofitio z 5. Theor.2s.

. &i quaruor magnitudines proportions-
les fuerint , maxima Gminima
, Anabus reliquss mato- ‘
S reserunt,
: SI nt quatuer magnitudines pportiana
lesA B,CD,E,F,ve quidé AB,ad CD:
jta Ead F.Sit maxima A B,minima F, Di-
coAB,&F,quemCD,
B ¥  Emaiorescflc, aPona-
apropyte tur ipft E zqualis AG:
. Gy ipfi F, zqualis CH. Cum
D ergo fit vt ABad CD;
itaEad F. Sit autem ipfi
’ H{ E zqualis A G; F verd
]
<

~ +

L ,CH.eritvt ABadCD;
1] _itaAG-ad CH. E¢ quia
ACEF eft vt tota AB ad totam
‘ CD,
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€D jitaablata A G ad ablatam CH; & erit bpropag.sh
&reliqua GB adreliquam HD, vt tota
A B ad totam CD: maior eftautem AB
quam C D, maior ergoetiameft G B, qui
HD.Etcum AGzqualisfitipi ;& CH !
ipfi F; erunt A G & Fzqualesipfis CH,
& E,& cum, ¢ quando zqualia inzquali- ce». 4
busaddontur, totafiant inzqualia. Ergo
{1 (G B, EtD inzqualibus exiftentibus &
maiori G B)addanturipfi G B, iplz AG;
- &F;ipfiverd HD;ipfe CH,&E, colli-
gentur A B,& F maiores,quam CD; & E.
Siergoquatuor, &c. Quodoportuitdes
monftrare, o :

Sequentes propofitiones non ﬂhtEuclth},
Jéd & Federico Commandino ex Pappa Ale-
':mndrim gol{q&e. R

Propofitio 26, Theor. 26.

" Siprima adfécundammasiorem habue-
vit proportionems,quam tertia ad quar-
sam, habebit conuertendo [ecandaad
- primam minorem , quam qyar-
| taad tertiam,
HAbcat- A Bad B C maiorem propor-
. Ationem,quam D) Ead E F.Dico Cai
. a

e
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ad B A minorem habere, qui FEad ED-
Sitvt ABad BC:ita DE ad aliam G: er-
* goDEadGma-

A _ B iorem habetpro-

H portionem , qua
2—F5F  DEad EFami

aprop. 8. 5.
nor ergocrit G,

G

quam EF. Ponaturipfi G zqualisEH.
Quiaigiturvt ABad BC;itaci DEad

blemme EH . Ecrit conuertendo,vtCBad BA;
’b"'c;“;' itaHEadED.¢Sed HE ad E D mino-
#7%:% %" tem habet proportionem, quam FE ad
E D:Ergo& CBad A Bminoremhabe-

bir,quam F Ead E D. Quod oportuit de-

monftrare.
- Quod fi AB
%Lt_lc:g__f.a"‘c ad BCmino- .
%20 rem habuerit

propartionem,quam D E ad EF; habe-
bit conuertendo C B ad B A maiorem,
quam FEad ED. {itvt ABad BC; ita
dprep.8.5, DEadaliam EG, d quz maior critquam
¢Lemma EF, ¢ Conuertendo ergo crit ve CBad -
ot BA;iaGEadED.fAtGEad ED ma-

f'",' o4 jorem habet proportionem,quam F Ead
ED; ergo CBad B Amaiorem ha-
| bebit, quam FE
dED,

Pro-
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Propofitio 27. Theor. 27.

Siprima ad fecundam maiorem babus-
rit proportionem,quamicrtiaad quar-
sams; habebit permurando primaad
‘tertiam maiorem,quam fecun-
da adquartam. ;-

HAbCatA B ad B C maiorem propor-
- dtionem;quam D Ead EF.Dico AB

ad D E maio-

A zz B habere, qui
F , ' i BCad EF. Vt

‘.*_._2_._‘.‘3—3 enim AB ad
BC;ita fitalia

G EadEF: aquemaior erit,quatn DE. a4p9p, 2.5,

#HE ergo permutando,vt A Bad G Esita bprepuress.
BC ad EF. ¢eHabet autem AB,ad D Ecprop. 8.5

maiorem proportionem , quam AB ad

GE, hoceft, quam BCadEF. Ergo AB

ad D Emaiorem proportionem habebir,

quam BCad EF. Quod oportuit de-

monftrare,

A B ¢ Eadem ratione,fi ABad
' ; B Cminoré habeat pro-

P _EF portionem, quam DE

zr ad EF,fequetur permu-
tando ABad DE minorem habere,quam
.BCadEF. SitenimvtABadBC;itaalia

: GEad
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2p.2.5, G Ead EF,dqueminor erit quai D E:
epropd.g. ¢Sed A Bad DE minoremhabet propor-
tionem,quam A Bad GE, hoceft,quam
B C ad EF. Habebit igitur ABad DE
minorem propottionem , quam B C ad

Propofitio 28. Theor.28.
Si prima ad [ecumdam maiorem pro-
portionem habeat, quitertia ad quar-
- #am ,ctiam componendo prima ¢ [é-
tunda ad [ecundam maisrem propor-

tionems habebunt, quam tertisdr
quariaadguartam.

A HAbeat A Bad B Cmaiorem propar-
tionem, quam D Ead EF. Dico&
z8 - A Cad CBmaiorem
A BB
i FE.Gitvt ABa H
2 B F i iGEadEF:
aprop. 2.5, Acrit G E maior quam DE. Quia igicur
bpropat.s eft,vt ABad B Csita GEad EFsberitcs-
ponendo,vt ACadCB; ita GF*ad FE.
spr99,8.5.¢Sed G Fad FE maiorem proportionem
" habet,quam DF ad FE. Ergo&A Cad

CB maierem habet propottionem,quam
D Fad FE, Quodgportuit dcmon&mne

Quod

~
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A B__¢ QuodiABadBC

o

‘_‘LQ____” minerem propor=

, tionem habeat, qui
z8 D Ead EF,dhabe- dpropad.ss
bit etiam componendo AC ad CBmi-
norem,quam D Fad E F. Quia enim AB
ad B C minorem proportionem habet,
qui DEad EF; fitvt A Bad B C;ita alia
GEad EF, ¢ erit ea'minor quam DE eprop 8.0
ergo vt ACad CB,itaerit GF ad FE.
fed GF ad FE minotem habet propor-
tionem,quam DF ad FE. Ergo & AC
ad C B minorem habebit, quam DF
9dFE. -
Propofitio29.Theor, 29.
Sk priina & [écanda 4d fecundam ma-
‘Sorem habear proportiamm,"qaam ter-
tin O quarta ad quersam, habebit ¢
diuidendo prima &d fecundam mas
soremproportionem,quamecr
tiaadquartam. ’
1} : Abeat ACad 3
A G- B ¢ CB maiotem
b " proportioné; qua
PP F D FadFEDicos
A Bad BC maiorem habere,quam DEad
EF.Vtenim D Fad FE; iafitalia G (é
a
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spr1p.8. 5,24 CBs acritque G Cminor, quam A C;
&dividindo erit GBad BC; vt DEad
bsrep.8. 5. EF. b {ed AB ad B C maiorem propor-
: tionemhabet, quam GB ad BC. Ergo

A ¢ &ABad BC maio-

% LB _¢ E_F [em babebit, quam

DEadEF. Sivero

29 . ACadCBminorem

habeat proportionem,quam DFad FE;

habebit & dividendo A B ad B C mino-

remyquam D Ead EF. Sienimfitve DF

epropl.s. 9d FE;itaaliaG Cad CB, ¢eritGCqui

dpropaz.s. A C maior, d eritque dividendo GB ad

B C, vt DEad EF. Habet autem A Bad

B Cminorem proportionem, quam GB

ad BC; habebitergo & ABad B C ming~
rem,quam DE adEF.

Propofitio 30. Theor. 30.

Si prima & fecunda ad fecundam ma.
foremproportionems habeat,quam ter-
a5 quartaad quartam; per conwer-
Jionem rationis prima ¢ fecunda ad
primam minorem babebit,qua(n
tertis & quartaad
tertiam,

Habe-
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HAbcat A Cad B Cmaiorem prepor-
tionem,quam D Fad FE. DicoCA

0 + ., 2d AB minorem

.gr__—sﬁ? habere;quam FD

r‘_LE-F ad DE. Sit enim

,é._____’u vt AC ad CB.ﬁC
o :

DF adaliamF G, aprop.b.s
# quz minor erit, " 000
qugm FE.5Qua- beerelag.g
re per conucrfionem rationis, vt CAad :
AB;itacritF Dad D G.eed FDad DG ¢prepde s
minorcm proportionem habet, qua FD
ad DE. Ergo & CA ad AB minorem ha-~
bebit,quam FDad DE. QuodiACad
C Bminorem proportionem habeat, qug
DFE ad FE; habebit per conuerfionem
rationis CAad A B maiorem, quam FD
ad DE;erit enimvt ACad CB,itaDE
ad maiorem quam FE reliqua.manifefta
‘ilmc ' .
Propofitio 31.Theor, 31.
Siprimaad tertiam maiorem propor-
tionembabeas ; quam [ecunda ad guar
sam shabebit etiam prima ad tertiam
waiorems, quam primaQ fecan-
daadertiam & quar-
tam.
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HAbcat A Bad DE maiorem propor-
tionem,quamBCad EF. Dico&

ABad DEma-~
'ﬁ—é-l,-——l—-—g iorem habere,
} ‘P—-——T-IJ quam A C ‘ad
R . B & DF Sitenim
sprop.d. 5. ve ABad DE;ita B Cadaliam EG,aqu
bprop.tz.5. tinor erit quam E F. b Ergo'tota ACa
spropdese soram D Geft veABad DE.cfed ACad
D G maiorem proportionem habet qua
. ad DF:ergo ABad D E maiorem ha&w-
bit,quam A Cad D F; Et manifeftum cft
totam A Cad totam D F minorem habe-

rc,quam ABad D E. &fi minor fit pro-
portio partis,totius maior erit, ¥

Propofitio 3z.Tbch6§..3 2.

Sitota udtoram maioré habueris pro-
~ portionem, quam ablara ad ablaram;
habebit & religna adreliquams
masorems quam totsad .
totam. -
HA 3£ T A Cad D F malorem pro-
portioné,quaABad DE.Dico& re-
liqua B Cad reliqui EF maioré habere,g
A Cad D F. Sit enim vt AC ad DF,ita
' AB
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s G o AB ad PG.
»ﬁﬁ gz ) cacrgo & teli- APPSR
P @ E R " qua BCad teli-

. o+ quam GF ¢&ft,
vt ACad DF.fed 5B C ad E F maiorem b#rep.d. n
proportionem habet,quamad FG. Ergo

& BCad EF maiorem habebit, quam AC.

ad DF. Siverd ACad DF minorem
proportionem habeat,quam ABad DE,-

& reliqua’B C adreliquam EF minorem
habebit,quam ACad DF, quod codem,

quo fupra, modooftendetur, '

. Propofitio 33. Theor.33:
Sifint tres magnitudines , G alie ipfis
- mumévo aqisales ,habeat g prima prio-
yum ndfccundammaiorem proportio-
-mems, quiprima pofierioram ad fecun.
dams ficunda verd priorum adterti-
ammaiorem habeat quam fécunda po-
[leriorsimi adiertiam: etiam ek aquali

primapriorumadtersiam maiorem
habebissquam primapofie-
riorum ad ter-
siam.

P Has

e ——
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Abeat A ad B maio-

rem proportionem ,

: Igg quam Dad E, & Bad Cma-
iorem,q#5 E adF. Dicoex

Bd  gqualiAad Cmaioréhabe-

. ~ requam DadF.Cum enim
apropary A ad B maioré proportio-

: nem habeat,quam D ad E,
1334 habebit permutando A

‘DEF adD maiorem,quamBad
E. EtcademrationcB ad E
maiorem,qui Cad F.ergo AadD maioré&
habet quam Cad F; & permutando A ad
C maiorem habebit,quam Dad F.'Quod

" oportecbat demonftrare. .

Quodfi prima priorum ad fecundam
‘minorem hab¢at proportionem, quam
prima pofteriorum ad fecundam : fecun-
davero priorum ad tertiam minorem ha-
beat; quam fecunda pofteriorum ad tev-
tiam , Similiter demonflrabitur ctiam ex
gquali primam priorum ad tertiam mi-

norem proportionem habere,quam

primam pofteriorumad
tertiam.
«¢(0) e

BT

EVCLE

ey - e———_—y - P
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ELEMENTVM
SEXT VM,

Definitiones.

€. Similes figurz reQilinex funt,quzfin-
gulosangulos zquales habent, & la-
teracirca zquales angalos propor-
tionalia, Cussffmods funt prepof.g.t¥s=
anguia A8C,DCE. ‘
2. Reciproczfigurz funt, quando inv-
traque figura antecedentes & con-
- fequentes rationes funt. V¥ propof
14.funtfiguraA D B F,BECG, in qus~
Bus antecedentes funt D B, G B, confé-
quentes BE,B F.&propofiis triangn-
la ABC, A D E.inguibus antecedentes
Jnt C A, 4 R;confequentes AD,AB,
3+ Extremaac mediaratione linea re@a

. fecaridigitur, quando eft vt totaad
Pg anios



e
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maiorem portionem,ita maier per-

tio ad minorem. Hee f¢itio demon-

Pratacflprop.arlib.zinqualinad B
“$n H extrema ac media ratione [e6las

eft.eflg, vt recta ABadmasorempor-

tionem AH, ita masor ad minorem BH,

demonflrabisnr etiam 1h.6, prop. 30,

#- Alticudo cuiufque reilinez figure

A

eft perpendicularis, que d verticead
bafim ducitur. V¢ propof.primatri-
angulorum A HBuABD,AD Lalti-
tudo ¢ff perpendienlarss AC,

§« Proportio exproportionibus compo-

nidicitur, quando proportionum
quantitatesinter femultiplicatz ,a-

- liquam efficiunt proportionem. »¢

exproportione dupla & tripla compo-

" witur fextnupla: nam denewsinator dn

Pl 2.duttusin denominatorens triple
3.facis 6, Sunt antem spfi denominata-
yes quantezates proporisonsns,

EAD
N

- Pre.

S e e e
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Propoficio 1. Theor. 1.
Triangula G paralielogrammacandens
habentia altitudinem,inter f
fans vt bafes.

S Inttriangula ABC, A CD, parallelo-
gramma E C, CF habentia altitudiné
€andem, perpendicularem nempe ex Ain

EA F BDdu&i. Di-
I coeffe,& trian-
: gulum ABC,

ad triangulum
HGBC D K LACD, &pa-
rallelogrammi E C,ad parallelogrammit<  +
CF,vt et bafis B Cad bafim CD. Produ-
caturenim B D vtrinquein H, L, fintque
bafiB CaqualesBG,G H; bafi vero CD
quzcunque DK, KL, & iungantur AG,
AH,AK,AL. Camque BC,BG,GH ,
zquales fint, erunt & triangula A GH, aprop 381,
A G B, ABCzqualia. Quam multiplex
ergoeft bafis HCbafcos B €, tam multi-
plex efttriangulum AHC trianguli ABC.,
Eadem de caufa quam multiplexeftLC
bafis ipfius C D, tam multiplex efttrian-
gulum AL Crrianguli ACD. Et fi bafis
H €, bafi CL zqualis fit ; erit & triangu-
lum A HC, triangulo A CLzquale;Et f¥
. ‘ B4 fope-

1

(
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fuperet HC, %)fam C Lyfuperabit & tri-

sngulum AHC, triangulii ACL; & fi mi-
EA ¥ norminus.Cit

I ergo quatuor

fint magnitu-

dines, duz bar

HGBC D K R{sBC,CDK
duotriangula ABC, ACD; acc,e%tzq;ﬁlt
bafeos quidé BC,& trianguli A B Czque
maltiplicia,bafis HC,& ¢rianguli AH C,
Bafeos verd C D, &trianguli A CD, alia
vtcung; ,nempe bafis C L, & triangulum
A LC:dembftratumg; fit fi HCexcedat

. JCL,&AHCexcedere A L C;& figqualis,
bt xquale; & {i minor, minus; & erit vt bafis
S5 BCadbafim CD;ita trianguld ABC, ad
tréa’n ulf{zAClll)iEtcnmtriaFt‘x iABC
epropqr.z, € duplii fit parallelogrimum EC;jtriangu- .
e li verbACll,) duplii garallclo%rimﬁFCg,:t
dprap.1s.s dpartes eodé modo multipliciii eandem
‘ habeant proportioné, erit vt triangulum -
ABCadtriangulii ACD:;ita parallelogri-
mum EC,ad parallelogrimum FC.Etqga,
demonftrati eftyefle ve baimBCad bafim
CD,itatrianguliiABCad trianguli ACD.:
eprop.arns. ViveroABCad ACD;ita ECad CF;eerit .
vtbafisBCad bafim CDjita parallelogri- .
mum E Cad parallelogrammi CF. trian- |
gula ergo & parallelogrima,&c, Quod o-
portuit demofirare. - Pro-
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Propof.z.Theor.z.

85 wni lateywm srianguli parallela re-
Gt duclafucrit,proporsionaliser feca-
it triangulilatera.Es fitriangulilase-
raproportionaliterfeciafucrint,
reita fectiones coniungens,
 xeliguo lateriparalle-
laerit,

Ateri BCtriangu.
i ABC dula fis
arallela D E.Dico ef-
e;vt BDad DA;ita
CEadEA. Du&is e-
nim BE, CD « crit aprpgpa
triangulum BDE -
3naletriangulo CDE;habeatenim ean<
embafim DE, &funtiniifdem paralle-
lis DE,BC. Aliud autemtriangulum eft-
A DE. b Zqualia autem adidem candent tprep. 7. 5
habent lproportionem:erit ergovtBDE.
triangulumad AD E ; itaC D E triangu-
lJumad idem A D Etriangalum. ¢ Sc§ vt cprepre,
BDEadADE;itacefiBDadDA.cum
enim incadem fintaltitudine, quam per-
endicularis ex E in A B du@a oftendit,
wter fe erunt vebafes. Ob candem cau-

Pg fam,
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A fam, vt eft erisngulum
CDEad ADE;itacft
CEadEA: 4 vtergo
BDad DA;itaciCE
ad EA.Sintiam trizn-
guli ABClateraA B,
. € A C proportionaliter
fe&a,fitg; ve BDad D AyitaCEad EA.
' Duaergo D E,dico illamipfi B C paral-
lelam effe. iifdem enim conftru&is, cum
spop.i 6 fgvtBDad DA,italCEadE A; ¢ atqui
nBDadDA;itaeft triangulum BDE
adtriangulum ADE. EtvtCEadEA;-
f£prepars. imatriangulom CD Eadidem AD E;fve
ergotriangildBDE ad trianguli ADE,
fictriangulum CDE,ad triangnlit ADE.
vrtumg; ergo trianguloriBDE,CDEad
prop.9., trisnguli ADE g candem habet propor-~.
propgoa tionem,zqualiacrgo funt, funtquein ea-
dem bafi D E. b sctriangula zqualia can~
##em habentia bafim,in itfdem funt paral-
lelis.ergo B E parallelaeftipfi B C, Si et
go vnilaten,8c.Quod opartuit
demonftrare.

dprop.ir.s
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- Propof.3.Theor.3.
Sisrianguli anguius bifecetur , reitag,
angulumfecans, fecet & bafim, habe-
bunt bafis part es'eandem proportio-
Bem,quam reliquatriangulilaters. E¢

Sfibafispartescandem bhabeant propor-
sionem,quamreliquatyiangaulilatera
" gquedvertice ad bafimduciturre-
" {Balincatriangnliangulum
. bifecabir, o
. w IO Stotriangulum ABC,8&
3 E& angulugsuB A C bifece-
turre@iAD. Dicoefle, vt
BDad DC,itaBAadAC.
D € Ducatur CE per C, parallcla
DA, cuiBAprodu&ain E occurrat. Et
quiain parallelas AD, ECre@a AC in-
cidit,# eruntanguliACE,CAD zqua-
les fed CAD , BA D ponuntr zquales; 277 208
Peruntergo & BAD,ACE zquales.Rur- bay.s
fuscumin lE;:,;rallelas Ag,ECIncidal:BE. o
ceritangulus externus B A D,zqualisin-
terno A,gE C;oftenfuseft autemq& ACE cropsa8t
ipiBADequalis: d eritergo& ACE daxir,
zqualisipfi AEC.¢ vnde & latera AE,AC eprgdit]
#qualiacrunt. Et quia trianguliB CEla-
v tety
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" eiECduBaeft parallela AD;
S Seric vt BDad D C;ita BA
ad AE;eftautem A EipfiAC
qualis: g eftergo vt BDad
giors. B D € DCitaBAadAC. Sedeflo
iam vt BDad DC;itaBA ad AC,iun&tags
fit AD.Dico angulum B A C bifecarire-
&i A Biifdemenim conftruis, cum fit
bprop.s.0. iBDad DCiitaBAsd AC: b&viBD
ad D C;ita BA ad AE(cftenimJateriEC
trianguli B C E du&aparallela AD) erit
iprep. 9. 5. vt B AadACitaBA ad AE; ¢ zqualis er-
prop.61 go et ACipfi AE. & Quare &angulus
l"’f’ #-1. A ECangulo ACE zqualis erit, ¢ fed
wHR I AEC cxterno B A D eft zqualis; m8& A
CEalternoCAD; eritergo& BA D
equalis ipi CA DiergoBACre&4AD
bifecatur. Siergo trianguliangulus, &c.

Quod oportuit demonftrare,

Pro§0ﬁ4. Theor.4.

- Aequiangulorum sriangulorum lase-
racircs aquales angslos proportiona-
biafunt;Et latera nqualibus angwles
Jubtenfa.homologa,fiue einf-

demrationss, N

Sins

I T T
o e m .
. N e e e c——— e . _
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Slnt triangula ABC,D CE ¢quiangu-
la, zquales habentia angulosABC,
DCE, &ACB,D
EC&BACCDE.,
Dice latera circa z-
quales angulos efle . .
proporti:rxi)a!ia;& lae -
~ terazqualibugan

lisfubtenfa, homologa. %omp:n?éng::;

enim BC,CE in direG&um.Et cam anguli

A B C,A CB duobusre&isminoresfint,
fitautemangulusD E Cangulo ACB
#qualis,erunt8 A BC,DEC duobusret
&isminores 4 concnrréntergy BAED adefrrs,

rodu&z. Concurrantin F; cumquean- .

guli D CE,A BCequalesfine,f erunt re- bprop.sd.e
&z BF, CD paralicle.Rurfus cumangu-

li ACB, DECzqualesfint, ¢ eriat & ¢ prap.28.1,
A C, FEparallele, ideogue F ACD pa- K
rallelogrammum eft; deritque F Azqua- dprop.sea
lisipi CD; & A Cipfi F [J; & cumad

latus FE trianguli FBE du®afit paral-

lela AC,ecrit vt BA ad AF;italRCad CE; eprp.2. &
eftautem A Faqualisipfi CD ; vt f ergo #7775
BA adCD;itaBCad CE;& gpermutan~ 16,5
do,vt ABadBC;itaDCad CE. Rurfus 87"
cum CD, BF panall¢lefint, b eric ve BC hprop.s. 4
'adCE; iaFDadDE. Eft autemDF
N . B ‘q“‘. o,
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iprep.7.gn zqualls A C.Vi)i ergoBCad CEiita AC
¥ propat.s ad ED:kergo pcrmutando,vr BCad CA;
rta CEadED.Cum ergo dcmonﬁratum
fit,efleve ABad BC;itaD Cad CE. Ve
verbBCadCA itaCEsdED; eriten
Forapian.s. L zquali vtBAad AC;) itaCDad DE. -
3 iangulorum ergo,&c. Quod opertuit
emoanflrare. ,

. Propof5.Theor.3,
8iduotriangula latera proportionalia
* babuerint , aquianguls erunt , habe
-~ buntque angulos, quibus homo-

logalatera ﬁobtenduntnr,
cgualm

Abeant tri
an ula AB
C D E Flatera
proportlonaha;

nempe, vt A

s IdBC itaDEadEF. EtVtBC‘adCA

ita EFadFD: atq,vtB AadA ,ttaED
ad DF.Dicotriangula BC,DEF gc‘

angula effe, zqualesque habereangulos,
quibus homolog#¥atera fubtenduntof.

vndezqualeserunta WiABC,DEF;
' 8 prép.33. ",& BCA,E FD;& BALgED Fis Conﬂx-
tuantuc
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tuantur .n.ad pun&a E,FreGz EFanguli
FEG,EFG zqualesangulis ABC,BCA
eriit ergo&reliqui BAC,EGF ¢quales:tri
angola ergo ABC,E G F funtzquiangu-
la':% habentigitur latera circa zquales an-
gulos proportionalia; erunt§uclaterae-

ualibus angulis fubtéfa, homologa, Er-
govtABadBC;itaEGad EF: Sedvt

bpropig.é:

ABadBC;itaponitur DEad EF: ¢ vt ¢ propuit. s,

igitur DEad EF;itaGEad EF. Virag;
ergo D E,G Ead EF eandem habet pro-

portioné;d ¢quales igitur funt DE,GE. d’fro}.;.;.

Eadem de caufa DF, G Fzquales erunt.
Cumigitur D E, E G zqualesfint, com-
munis EF: eruntduz D E, E F, duabus
GE,E Fzquales;8 bafis D F bafi G F 2-
qualis; ¢ erit ergo angulus D E Fangulo
GEF zqualis; & triangulum D E Feri-

angulo GEF zquale;&reliquiangulire- ™

liquis, quibus zqualialatera fubtendun-
tur:anguli ergo DFE, GFE funtzqua-
les;item ED F, EGF: & cum angulus
F EDequalisfitanguloG EF; & GEF

c prap.l.u

ipfiABC; ferit& ABCipliFE D zqua- fants.

lis. EademdccaufacritanguloACbe-
qualisangulus DFE; & angulusad A an-
guload D.triangulaergo ABC,DEFe¢-
quiangulafunt.Siergo duo triangula, 8:¢,
Quod oportuitdemonitrare, Dion
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Propofs.Theor.s.
3i duo srianguls vmums angulum vni
aqualem,r circa aqualesangulos late-
. vaproportionalia habuerint , £quian-
Zulaerunt , babebynrque angulos,

gwoshomologaluserafibten-

dunt,aquales. '
Slnt duotriangula A BC,DEF,ang\l-
los B A €, E D F habentia zquales, &
circaipfoslaterapro gomonaha,vt BAad
AG;itaEDad DF. Dico triangula ABC,
D EFeflezquian la,adeogue angulum
ABCanguloDEF;% A C ipiDFE,
sequalem habere.# Conflituatur enim ad
pun&a D,F re&z DF alterutriangulo-
‘rumBA G,

L EDF2qua-
ra A» [SFDGoan-
guloveroA

CB zqualis

'DFG: eris

igitur & re=

Spropd.s hqunsad B,r 8“0 ad G 2q ualls btri-
angulacrgo ABC, DGF funtzqman-

gla. Eﬁergovc BAadAG;itaGDad
F:poniturautemvtBAad AC,itaED
udDFiergov:EDadD F,xtacﬁG g;ﬂ

3
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DF; e zqualis ergo eft ED ipfi GD,com-
munis DF. Duz ergo ED, DF, dua-
bus GD, DF funtzquoles,| & angulus
EDFanguloG D F zqualis; 4 erit ergo,
& bafis E Fbafi G F zqualis, & triangui-
lum D E Ftriangulos G D F: quarereli-
quianguli reliquns ¢quales erunt,aleer al-
teri,quibus zqualia latera fubtenduntur.
Angulusergo DF G zqualis cft angulo

DFE;& quiad Gilli,quiad E.Sed DFG

cprop.o. 5.

d propd.e.

zc}ualis elt ACBangulo;eergo& ACB cars,
iplt

D FE zqualiserit; poniturautem &
B ACipfi E D F¢qualis:reliquusergo ad
B zqualis erit reliquo ad E. triangula er-
go ABC,D EF zquiangulafunt. Siergo
duo triangula, &c. Quodoportuitde-
monftrare: o

Propof.7. Theor.7.
Si duo trianguls vium angulumoni
~ angslo aqualem; & circaalsos angulos
larera proportionalia babuerint;reli-
guoTSmVeroVErNngue,aut minorem,
ast nonminorem rello , aquiangula e~
yunt tyiangwla; & angulos ,civca quos
laters funt proportionalisequa-
les habebunt.

Q_  Simt
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/ A p Clot duo ttiangﬁ

bentia angulos BA!C

EDFequales;circaali=
,G E , © osveroangulos ABC,
B < D E F latera propor-

tionalia.Vt A Bad BC;ita D Ead EF-.re-
liquorum verd angulorum quiad C,& F,
primum vtrumque minerem re&o. Di-
co AB C,D E Friangula,effe gquiangu-
lajangulumgue ABCangulo DEF; &
qui df ad C, illiqui eft ag F, zqualem.
Quod fi anguli ABC, DEF inzquales
finuerit vnus maior. Sitmaior ABC; &
aprop.a3.r. 4 conflituatur ad pun&um B reGz AB
‘ angulus A BG,zqualisangulo DEF. Et
. cum an%uli A,D ¢qualesfint;item ABG,
bprepsar- DEF; b erunt&reliquiA GB,DFEz-
quales.t:ian'gnla ergo ABG, DEF zqui-
cprep.#.6. angulafung;elt ergove AB,ad BG;ita DE
ad EF:fed v D Ead E F;itaponitur AB
adBC:ergovtABad BC; itaclt ABad
dprop.s.s. BG. d Cum ergEo ABad vtramqueBC,
. B G eandem habeat proportionem , e=
eprop.5-1. rant BC, BGzquales. ¢ ergo & anguli
BGC,BCGezqualeseiunt: AtBCG
mioor re&oponitur, eritergo & BGC:
reGtominor: f quareangulus AGBei

fpropazat dein-
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deinceps maior eritreGo:oftenfus eft au-
tem zqualisangulo F:erit igitur & angu-
lus F maior reo 3} at minor ponitur,
quod eft abfurdum ¢ anguliergo ABC,
D EFnon funtinzquales: xqualesergo. grrop.san,
g funtverd &anguli A, D zquales: ergo
& quiad C& F zqualeserunt. Quaretri-
angulaAB C, D EF equiangulacrunt,
Sitrurfus vterque angulus ad C&Fnon
minorre@o. Dico & fictriangula AB C,
D E F zquiangula effe. iifdem cnim con-
flru@is, oftendemusrettasB C, BGeefle
zquales,vt prius: b eruntigitur & anguli hprop. 1.1,
C,BGCzquales.Cumergo CreGonon
{it minor , nec B G C recto minor erit.
Sunt ergo trianguli B G C duo anguli
non mincres duobus retis, ¢ quod hieriiprep,iz.r,
non poteft,nonergoanguli ABC, DEF
inzqualesfunt: zquales ergo. Suntvero
&anguliad A& D zquales; crunt & igi- kprpza)
tur & reliqui ad C& F zquales. Quare
triangula A BC, D EF funtzquiangula,
Siergoduotriangula;&c.Quod opay= -
tuitdemontftrare.

- R

Qs Pro=
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Propof.8.Theor.8.

Ins rectangulo triangule fi ab angsulo
vecto ad bafim perpendicularss duca.
 sur, queadperpendicularem funt
sriangula,cr toti, & inter [¢
. fimilia funs.

ESto triangu-
lum reQangu.
|\ lmmABCreQum
; ~ D ChabensBAC, du-

catur§;ab A ad B Cperpendicularis AD.

~ DicotriangulaABD, A D C.&toti

A B C, &inter fe efle fimilia. Cum enim

angulus B A C zqualisfitangilo A D B;
reGusenim eft vterque ¢ &angulus ad B
communisytrigs triangulo A BC,ABD;

a eolligitnr & crit& reliquus A CBreliquoBAD =z-
evgar.  qualis: zquiangula ergo funt triangula
bpreop.4.6s ABC, ABD. & Eftergo ve¢ B CreGum
trianguli AB C fubtendens , ad B A re-

Gum trianguli A B D fubtendentem ; ita

ipfa A Bangulom Crrianguli AB Cfub-~

tendens, ad B D fubtendentem angulum
BADutrianguli ABD.EtitaACadAD
fubtendentem angulum B communem

veriufg; trianguli. Triangulaergo ABC,

. S ABD
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A BD zquidigula funt, habentquelate-
racircazquales angulos proportionalia;
¢ fimilia ergo funt triangula ABC, ABD. cdefir. s. |
. Eodem modo oftendemus triangulum
ADCtriangulo ABC fimile effe. Vtram-
queergotriangulum ABD,AD Ctoti
ABCfimileeft. Dicoquod&interfefi-
miliafintA B D, A D Criangula. Cum
enimanguliBDA, A DCre&ifint,e-
runt& zquales:oftenfus e auté K BAD
ipfi C zqualis:d ergo & reliquus ad B,re-
liquo D A Czqualiserit, Triangula ergo
A BD,AD Czquiangulafant. ¢ Efteg- eprop.e.6.
go, vt BD fubtendens angulum BAD
trianguli AB D, ad D A fubtendentem
angulum Ctrianguli ADC zqualem an-
guloB A D; itaipfa A D {ubtendens tri-
anguli ABD,angulum B,ad D C fubten-
dentem angulum D A CtrianguliAD C
_zqualem angulo B;&ita B Aad A Cfub-
tendentem reGum A D C.Triangulaer-
go ABD,AD Cfimiliafunt. Siergoin
triangulo re®angulo,&c. Quod oportuit
demonttrare. '

Corollarinm.

Exhis manifcftum eft, fiin trisngulo
re&anguloabangulo reGoad bafim per-

QU3 °  pen-

d colsgitny
ex3a.d.
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sprop3.t.
bpropza.s.

cprop.a6,

peadicularis ducatur ; ipfap inter bafis
partes mediam proportioffalem cffe., E¢
inter bafim,& partem bafis,medium pro-
portionaleefic latus, quod ad partem. Ve
anter BC, A Bmediaproportionaliseit pars
BD.Inter BC, AC, pars DC, . -

4 Propof.g. Problz. ’
- ddatarecialineaimperatam par-
* temanferres.

A PorteatadatareGta AB
A/ imperatum partem au-
ferre. Sit auferenda parster-
tia. DucaturabAre@a AC
cum A B quemcumque an-
B : € gulum continens; & accipia-
tur in A C quodcumque pun&um D,
aponanturd; ipfi AD zquales DE,EC;
ducatur CB, & ciqueper D paralleladu-
catur D F. Cum ergolateri B Cerianguli
A BCparallelafitdu@a D Fieeritve CD
adDA;itaBFad FA. EftautemD Ci-
pfius D A dupla; dupla ergoeft & BF -
plius FA triplacrgocft B Aipfius AF. A
data ergo reta ABimperata pars,nimi-
rumtertia A Fablataeft. Quod
- oportuit facere, . .

" Pro-
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Propof.10.Probl.2.

- Datamreiiam lineam infeclam,
datareciefeita fimiliter
Jesare

Porteat datam infe-

) &am AB fimiliter fe~
- care,vtfe@aceft AC.Sit AC
. pun@tis D, E {c&a. Col-
locentur AB,ACvt angu-
lum quemcumgue conti-

". B XK. € neant, &ducstur CB; at--

queper D, E agantur ipfi B Cparallelz

- DF,EG; &perDipfi A B ducaturpa-
rallela D HK;& critverumqué FH, HB

parallelogrammum. :4 Sunt ergo tam
D H.F G;quam HK,GB zquales.& cum
ipfi K Ctrianguli DK C duGta(it paralle-

aprep3q.e

WHE; b eritve CEad ED;itaKHad bpras.a. s,
H D.cEftautem tam KHipfs B G;quam ¢prep-34.1e

HDipl G Faqualis; eft ergovt CEad
ED;itaBGadGF. Rurflusdcumlated
E G trianguli AG E du&a it parallela
FD, eritvt EDad D A; itaGFadF A;
oftenfum eftautem effe,yt C Ead ED,ita
BGad GF.cftergove CEad ED;itaBG

adGF, veverd ED2d DA;itaGFad

dprop.s. 6.

QU 4. FA:
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FA: dataergore@ainfe@a A Bfimiliter
feGaeft, vife&a A C. Quod o;_)ormit fa~

gerc, :
Propof.11.Probl3,-
Duabuarectis dasistertiam proportio-
 naleminsenire,
A lntdatzBA,AC, &
’ J ponitur vtangulum
Y quemcumg; catineant.
pl-A¢  oportetergoipfis B A,
: A C tertiam proportiae
naleminuenire.Produ-
‘ cantur AB,ACad D,E
spop.3.1. D L) pun&a;& « ponaturipfi

bpreps1.1. A Cequalis B D& ipfiB Cb ducatur pa-
~ rallclaD E per D. Cumitaquelateri DE
trianguli A D E du@a fit parallela BC;
orp.a.6. € eritve ABad D Bsita A Cad CE; 2qua-
_ lisefautem B Dipfi AC;eftergove AB.
ad AC; ita ACad CE. Datisergodua-
bus A B,ACinuenta cfttertia propottio-
- nalis CE.Quod oportuit facere.

Propofir2.Probl.4.

Tribus datisreltis lineis quartam pro-

Imrtiomlcm inuenirer..
3 Opor-



/' LIBER VL 259
OPortea\: tribus datis reétis A, B, C,

quartam proportionalem inuenire.
Exponantur duz reCle
D E,DFcontinentesan-
gulum quemcung;EDF:
& aponaturipfi Azqua. 2793 %
liste@aD G ipli B,re-
GaGE: & lpﬁ Cre&ta
DH;batqueipfi GHa- bprop-sute
1z gatur parallela EF per E.
G—\H Cum ergo lateri EF tri-

_ uhDEqu&afrpa—

E % nle

laGH,ceritve D G cprop.a.6.
ad GE;itaDHad HFE,

Eftautem D G zqualis lpﬁ A;GEipfiB;

DHipli C;eftergovt A ad B;ita Cad

HF. Tnbusergo datis A, B,Cinuentaeft

quarta proportionalis HF. Quodopor-

tuit facere.

Propofitiors.Probl.s.
Duabusrecdiz datis mediam propertio-

naleminuenire. .
Te duab® datis A B,
BCmediapropor-
tionalis inuenienda.
Ponantur in dire@,
A 15 B defcrlbatutqnc fuper o .
A C femmrculus ADC;«&ducatura B 21"

Qs  pun-

__...___...

.—3—41
l——————-—i
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pun&o, BD, ipfi A Cadangulosre&os,

bprep.313. 1un&is AD,D C.5 Et quiaangulus ADC

rectus eft; quippe in

femicirculo, eftq; in

triangulo re&an%u_lo

Iz B C & anguloretto Dad

: bafim A C perpendi-

corole,  Sularis duta DIB. ¢ erit B D inter partes

' prop. 8¢, bafis AB,B C,media proportionalis. Dua-
bus ergo, &c. Quodoportuit facere.

Propofitio 14. Theor. 9.

AEqualium, & vnum vni angulo -
gtialem babentism parallelogrammo-
© yum,reciproca funt laters, q:scivcq -
quales angulos. Et paraRelogramma,
* gue vnumvni angulum equalem ha-
bent , & quornm reciprocantur la-
.. teracirca equales angulos,
equaliafont.

Int parallelogramma A B,BC zqualia,
Chabentiaangulosad B zquales, pofitg-

o Colligitur quefint DB,B EindireQum, aerunter-
ex13.2¢. go & FB, BGindircGtum.Dicoparalle-
s, Jogrammorum A B, B Clatera, qua irca
' : &quas
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P BB

I ||
. @ Q G C

gquales angulos,effereciproca. Hoceft,
efleveDBadBE; ita GBadBF. Perfi-
ciatur enim parallelogrammum FE. Et
?uia A B, BC paraliclogramma zqualia -
unt,aliudautem quoddam eft,FE:berit bprep. 7.5
vtABadFE;itaB Cadidem FE, ¢ fed vt €272«
ABad FEjitaet DBad BE;&wtBC
ad F E;itacftG Bad BF.dErgocfi vt DB 927%-7:%
ad BE;itaGBadBF. Paralle%ogram mo-
rumergo A B,BCe laterafuntreciproca. edefs.y,
SReciprocentur iam latera, que circa z- £ 4fa.é
qualesangulos; fitquevt DB ad BE;ira
G Bad BF. Dico parallelogramma A B,
B Czqualia ¢ffe, Cum caim fit ve D Bad
BE;3itaGBadBF. gEtvtDB ad BE; gprep2.¢i
itaABadFE;atque ve GBad BF; ita =
B CadFE:¢ritvte ABadFE ;itaBCad
idem F E; & 2qualia ergo funt parallelo. hprop.s.53
gramma A B.BC. Z£qualium ergo, ' y
- - & vnum vai,&c.Quod opor-
E tuit demonttrare, - \
s (o)en - SR
" Proe
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Propofitior 5.Theor. 10.

AEqualismtriangulorum , & vnum
angulumvni agualem habentium, ¥e-
ciproca funt latera, que circa aquales
angnlos. Et triangula, que vnum an-
gulum uni equalems babent, G quorsm
latera qua circaaquales angulos,
yeciprocantur funt
equalia.

S Inttriangula ABC,A D Ezqualia, ha.
beantque voum angulym BA C, vai
‘ DAE =z-
.. qualé. Di-
co latera,
quecircag-
& guzles(ugt
ol y angukw, re
T e ciproca ef-
fe. Hoceft,effe,veCAad AD;itaEA

. ad AB. Panantur enim CA, A Din di-
s Coligitur reQum; acruntergo & EA, A Bin dire-
g_g;" Gum.& ducatur B D. Cum igitur trian-
" gulaABC, A D Ezqualiafint, firqueali-
bprop.7.5.udABD; b erit vi CABad BADjita
cprp.r6. ADEad idemBAD:efed vt CABad
BAD;
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BAD;jitaetCAad AD. Et vt EAD

adBAD;itacftEAad AB: dErgo vt dpropar.ge

CAad ADjitaeft EA ad AB. Trian~
gulorumergo A BC, ADE latera, quaz
circazqualesangulos, reciprocantur. Sed
reciproca fint 1am latera triangulorum
ABC, ADE, Etf{itvtCA ad AD;
ita EA ad AB. Dico triangula A B G,
A DE efle zqualia; Iun&a rurfus BD,

eritvtCAad AD ;itaE A ad AB:efed eprop. 1.,

vtCA ad AD; ita eft triangulum ABC
ad triangulum BAD; vt vero E A ad
A B; ita triangulum E A D ad triangu-
Jum BAD. Vtergo ABCadBAD;
ita et EAD ad idem BA D: vtrumque
ergoABC,E ADad B AD candem

habet proportionem : f zquale ergo cft f7rp. 9.5

triangulum A BC, triangulo EA D,
Zqualium ergo triangulorum, &c.
Quod oportuit demon-
ftrare.
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Propoficio16.Theor.11.

Si gquatuoy yeite lince proportionales
Juerint.erit quod extremss consinetar
rectangulum, equale illi quod medii
continesnr veclangnlo, Etfireiiangs-
lumextremus contentum, equale fues
7it medits contento rel¥angulo;
guaswor illalineapropor-

tionaleseruns.

S Int quatuorreGz A B, CD, E, Fpro-
portionales, vt ABadCD;itaEad B
B ) s Dico re@is
K16 H__ pulumAB,

‘c- : @ & Fcontcxl)*
tum,zquale

C D efle cogten-
.. A B toCD,&E,
spropnt. gDucantur i punlis A, C adreGas A B,
CDad an%u‘los retos A G, CHj fitque
 ipfiFaqualisAG: &ipfi E,ipfa CH, cé-
pleanturque parallelogramma B G, DH.
Etquiaeft,vt ABad CD;iraEad F.&

et EipiCH; & Fipfi A G zqualis,, erit

bpropags VEABadCD;itaCH ad AG:bparalle-

logrammorum ergo B G, D Hlatera,qug
‘ circa
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circa equalesangulos funt,reciprocantur:
equornmutem parallelogrammorum ¢
quiangulorum latera reciprocantur, illa
#qualia funt : parallelogrammaergo B G,
- DHzqualiatunt. Etet BG,quod A B,
& F continetur, (cft enim A G ipfi F -
qualis) DH, quod € D & E continetur
(eft enim CHipfi E zqualis. ) Quod er-
go AB,&F continetur,zquale eft ci,quod

cprop.xgde

C D& E continctur reGtangulo. Sitjam

quod A B,& F continetur,xquale ¢i quod
CD & E continctur. Dico quatuor. re-
&aseflc proportionales. Ve AB adCD;

itaEad F. jjfdem conftrutis, cum quod

A B,F continetur,zqualefiteiquod CD,
E continctar, fitque BGid quod AB, &
Fcontinetur (elt enim A G ipfi F zqua-~
lis ) D H vero, quad CD, & B contne-
tur (eftenim@ CHipl E aqualis ) erit
BGipli DHazquale: & funt2quizngula,
d ZAqualium autem & zquiangulorum pa-

rallelogrammorum latera , qua circa 2
qualesangulos, reciproca funt: Erit ergo

vtAB ad CD;itaEadF. Siergoqua-

tuorrectz linez,&¢. Quod o~
portuit demon-
firare,
A6 (:0:) 0w

Pro-

drep.rg. L,
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Prapofitio 17. Theor. 12.
Sitresveéle lineaproportionales fue-
zint;eritguod extremis continetur re-
angulum, equale quadrato quod fita
medsa. Et fi quod extremis continetur

reciangulum aguale fuerit quadrate
quod dmediafit, erunt tres
linezillepropersio-
' nales,
InttresreGz A, B, C proportionales,
vtAadB;itaBad C. Dico quod A,C

continetur -
quale efle ci @

: A
D I-—BT7 ex B. Ponatur
—S-4 D zqualis il}ﬁ
' D, B. Etcumfit
- ) vtAadB;itaB
ll7 . |Cad C; fitvero ipfi Bzqualis
Y Dyseritvt Aad B;itaDad C.
- aCumautem quatuor re&g
proportionales funt, eft quod extremis
contineturre@angulum, zquale ei quod
mediis comtinetur reGangulo. Quod er-
o A & Ccontinetur, zquale eft ¢i quod
» D continetur; at quod B, D contine-
tur 2qualc eft ¢i quod ex B; eftcnim D

ipQ
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ipfiBzqualis; Ergoquod A, C contine-
tur,zquale eft eiquod ex B quadrato. Sit
iam quod A,C cotinetur, zqualeei, quod
exB. Dicoefle;vt Aad B i iraBad C, iif-
demenim conftru&is;cum quod A, Cc5-
tinetur zquale fit ei quod ex B;& quod ex
B,zquale ciquod B, D contingrur, quod
B,D qiiales {int ; erit quod A, Cconti-
netur, zquale ¢i quod B, D continetur. o
¥ quando autem quod extremis contine- b¢ropa¢.é
tur,zquale eft eiquod continetur mediis,
funt quatuor ille linex proportionales.
Eftigiturve A ad B;itaD) ad C: zqualis
autemeft D ipfi B: ergovt A adBsitaeft
BadC.Siergotresline,&¢: Quod opor=
tuit dcmoul%rarc;

Propofitio 1 8. Probl. &
Super daia reta linéa daso rectilinéi
fimiile fimiliter g, pofitum rectilic
Heum defcyibere

Opottcaé fuper data A Bdato redili=

neo CE fimile fimiliterque pofitum

reQilinetim defcribere; Ducatur D F, 8

aconflituantus ad pun&a A, BreGz A B apripiijiri

anguli GAB ; ABG zquales angulisC,
v - K CDF;

-



aé! 3IBERVL

1]
A B

C D F;eritque reliquus C F Dreliquoe
AGB zqualis: triangula igitur FCD,
. ¢, G A Bfuntzquiangula. b Eftergo,vt FD
Pr-4-5 .4 GB;itaFC ad GA; & CDadAB.
¢prop.23.1. ¢ Confiituantur rurfus adpun&aB,Gre-
&z B G anguli B G H,G B Hzqualesan-
ulis D FE, F D E; eritquereliquus E re-
ﬁquo H zqualis : triangula ergo FDE,
dsrop.g.6. GBH zquiangula funt ;deftigitur ve FD
adGB;iaFE,GH;&ED adHB. O-
ficafum autemeft,effevt FDad G B;ita
epropis. FCad G A,& CDad AB; eigiturvtFC -

' adAG;itaetCDad AB; & FEadGH;
itemque E D ad HB. Etcum angulus
CF D 2qualis fitangulo AGB: & DFE
ipfi BGH: erit totus CFE toti AGH
* zqualis, Eadem de caufa erit angulus
CDE zqualisangulo ABH. E@t verd &
angulus Cangulo A ; EtangulusE angu-
lo Hzqualis: zquiangulaergo funt A Hj;
‘ CE,habentque latera circa zqualesangu-
Fdef.6.5. los proportionalia, fEfR igiturAH rcgt'-

Ve,

e

A et e
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fineum fimile fimilitegque pofitum re&i-
lineo CE. Super dataergoreGalinea,&c,
Quod oportuit facere. o

- Propofitio x 9. Theor.. 1 3.

Simsilia trianguls inter S funt indu-
plapreportione faorumia.
teram.

S ntABC,DEF triangula fimilia , ha-
bentiaangulos B, Ezquales; fitque vt
A " ABadBG;
its DEad
EF,vtla-
tera BC,
T EFfintho
mologa.
DicotriangulumABC
¢ < ad triangulum DEF
duplam habere porportionem ¢ius,quam '
habet BCad EF.«Surmatur enimipfarum 23#7.7.6
B C,EF tertia proportionalis B G vtfit
quomodo BCad E F;ita EF ad BG;du-
caturque G A. Cum igitur fitve ABad
B C;itaD Ead E F;berit permutando vt bdgfte, g
A BadDE;itaBC adEF. fed vt BCad
EF;itaclEFadBG:ergovt ABadD E;
ifa cft EF ad BG: Triangulorum ergo
Rz ABG,
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+ 'ABG,DEF lateracireca zquales ahgu-
los reciprocantur. Quorum autemtrian-

.A. I’ - gulord v-

ni angu-
lum voiz-
qualé ha-
£ F benti la-
p tclra circa
zquales angulos reci-
‘ c p?ocant;r .%lla quualia
,funt: ¢triangulaergo D EF,ABGzqua-
cppnd liafunt. Ee qgl:;a eﬂ%t BCadEF; it:? EF
adBG; quando aatem tres linez propor-
ddif 10, 5, tionales funt,dprimaad tertiam duplam
; proportionem haberedicitur cius, quam
habet ad fecundam.BC ergo habet ad BG
duplam proportionem eius, quam habet
eprop.1. 6. ad EF. Vivero BCad BG;¢itaefttrian-
gulum A B Cadtriangulum ABG: habet
ergo triangulum A B Cad ttiangulum
A B Gduplam proportionem cius, quam
habet BC ad EF. Eft autem triangulum
A B G zquale trianguloD EF: habet er-
gotriangalum ABCadtriangulum DEF
duplam proportionem eius, quam habet
- BCad EF. Similiaergo triangula,
&c. Quodoportuitde-
monflrare,

‘Corol-

e, g
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Corollarium.

Ex his manifeftum efl,fi treslinez pro-
portionales fuerine; effe, vt primam ad

tertiam, ita triangulum fuper prima de-

{criptum ad triangulum fuper fecundafi-
mile fimiliterque defcriptum. Oftenfum
eft enim, vt cfiCB ad BG; itaefle trian-
gulum ABC ad triangulum AB G, hoc
cft,ad triangulum D E F. Quod oportuit
demontirare. )

Propofitio zo0. Theor. 14.
Similia polygona in _fimilia triavgula
diuidunturs & numero equalia,Crho-
mologa totis; & polygonsum ad polygo-

num duplam habet proportionem
eisiesquam babet latus homo-
logum ad latus homo-
logum.
Slnt fimilia poly(';gona ABCDE,

FGHKL, & fitiatus ABhomolo-
gumipfi F G. Dico polygona ABCDE,
'F GHKL in fimilia triangula diuidi, &
numero zqualia,& homologa totis;&po-
lygonii ABCDE adpolygonit FGHKL

: .R3 du-
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duplicatam habere proportionem eius;
quam habet A Bad F G, Tunganturcnim

BE,EC, GL,LH ;&quiapolygonum
ABCDE fimileeft polygono FGHKL;
eritangulus B A E zqualisanguloG FL;
&et,viBAadAE ;itaGFadFL. Cum
itaqueduo finttriangula ABE,F G L, v-
num angulum vni zqualem, & ci.rcaz-
qualesangulos latera proportionalia ha-
bentia,a crunt ipfazquiangula,ideoq; &

Afimilia; zqualis cft ergo angulus ABE an-

’
ban, ;.

cprop.ar.s.

guloFGL;eft verd & totus ABC,toti
FGH zqualis, propter fimilitudinem po-
lygonorum; breliquusergo EB C, reli-
?uo L G H zqualis erit. Et quia propter
1militudinem triangulorum ABE,FGL,
e,vtEBadBA;ita LGadGF. Sed &
propter fimilitudinem polygonorum, eft
vtABadBG;itaF Gad GH;eex 2zqua-
liergoefl,vtEBad BG;itaLG ad GH; Ia-
) tera
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tera ergo circa zquales angulos EBC,
. G H, funt proportioszlia; 2quiangula
dergofunt triangula EB C, L GH; qua- 92724 €1
re& fimilia. Eadem. de caufa Gmilia fune
triangula E C B,LHK: Simtilia ergo po-
lygonaABCDE, FGHKL in fimilia
triangula,& zqualia numero diuifafunt.
Dico & homologaeflctotis, hoc eft, pro-
portionalia, & antecedentia quidé ABE,
EBC,ECD; Confequentia verd ipfo-
rum FGL,L G H, L HK;atque polygo-
num ABCD Ead polygonum FGHKL
duplam habere propertionem eius,quam
habet latus homologum A B adlatus ho-
mologum F G.Iungantur enim AC, FH. -
Et quia propterfimilitudiné polygono-
rum,funtanguli ABC,FGH 2quales; cft- ,
que vt A Bad B C;ita FGad GH;e zqui- cp79p. 6. 4.
angulaergo functriangula ABC,FGH:
zquales igitur funt cam anguli BA C,
GFH;quam BCA, G HF. Etquiaanguli
B AM, GFN =zquales funt, qftenfique
funt & ABM, FG N zquales ; erunt &
reliquiAMB,FNG ¢quales;funtergo tri-
angula ABM,FGN zquiangula.Similiter
oftendemus & triangulaBMC,GNH fle
zquiangula. Eft ergovi AM ad M B 5ita
FNad NG.EtveBMadMC;itaG Nad

) R 4 NH3

23
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o4

frrp.12.5. N H;; ex fzquali ergoeft ve AMad M C;

g/7PutitaFNadNH:gledvt AMad MC3; ita

efteriangulum ABMad triangulii MBC;

& AMEad EMC;funtepimad fe inui-

hpropsa,s, cem vt bafes ; & b vt voum antecedenti-

' um,ad ynum confequentium ; ita omnia

antecendentiaad omniacdfequentia. Vi

ergatrigngulum AMBad BM C;ita tri-

isrop.n.6 angulum ABEad CBE :s{¢ed ve AMBad

#7%:1:%: BMCjita ¢t AMad MC; Vtergo AMad

MCiitatrigngulum ABEad EBC,Eadem

decaufa,eft ye FNad N H; itavrianguld

FGLadGLH:Et eftvt AMad M C;ita

FN ad §H; Ve ergo triangulum ABE

ad B E Csitatriangulum FGL ad GHL;

kprop.ids. k& permurido,vtABE ad FGL;ita EBC

" ad GLH. Similiter demoftrabimus du&is
BD,GK.Effevt trianguliBECad LGH;

itaECDad LHK: & quiacft, vt ABE

adFGL;iaEBCad LGH; &ECD
groputs.s, ad LHK: Zerit vt ynum antcccdcmiu:;
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ad vum confequentium;itaomniaante-

cedentiaad omnia confequentia:eft ergo

vtABEadFGL;itaABCRQEad FG

HKL:fed /A BEad F G Lduplamgpro- #7%9.¢.

portionem habet cius, quam A B latus

homologumad F G Jatus homglogum.

#7# Similia enim triangulain dupla ppor- mpraze.¢

tione funt laterum homologorum’: ha-

bet ergo & ABCD Epolygonumad F

G HKL polygonum duplam proportio-

nem cius,quam habet A Bad F G Similia

ergo polygona, &c. Quod oportuitde-

monftrare. Eodem maodo in fimilibus

quadrilateris oftendetur in dupla illaefle
roportione laterum homologorum,

a Oftenfum eft autem & in triangulis, 2 prep19.8

Corollarium .

Vaiuersé ergo fimiles redtili-
F Dez ﬁ%:rz ad fe inuicem funt
2 in dupla proportione laterum
Zo IT homologorum;; & fi ipfarum
AB,F Grertianf proportiona-
G lemfumamusX; Eha_ bit A B bdefire.5

ad X duplam proportionem cius, quam T
habet adFG.Habet autem &polygonum
ad polygonum, & quadrilaterumad qua-

| Rs drila-
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drilateram duplam proportioncw ctus,
quam habet homologum latusad homo-
ccarrep. logum,hocef:ABad FG.c Oftenfum eft
1.4, amtem hdtin triangulis.

- Corollarium 11.

+ .

, Vhniuerseé ergo manifeftum eft; fi tres
Corol prop. fuerint re&z, eflc veprima eftad tertiam,
2.4  jcafiguram & prima deferiptam, ad figu-

ram i feciida fimiliter defcriptam, Quod
eportuit demonfirare,

Oftendemus etiamaliter,8¢ expeditius

triangula effe homologa. Exponantur

rurfus polygona ABCDE, F GH K.L ,
ducanturque BE,EC,GL, L_H. Dico

effe vt triangulum ABE ad trian ulum

S FGL;itaFEBCad LGH;&CDE ad HKL.
i . Cum enim triangula ABE,FG Lfimili- . -
#779.3.%. liafint,« habebit AB Ead FG L duplam

proportioncm eins, quam habet latus B%
a

/

G o I ot
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ad GL. Eadem decaufahabebittriangu-
lum B E C-2d GL H duplam proportio-
nem eius,quam habet BEad G L.Elt er-

ovt ABEadFGL;itaEBCad GLH.
%urfus cumtriangula EB C, LGH(fimi-
liafine; habebitEBCad LG Hduplam
proportionem cins, quam habet CEre~
&aad HL. Eademdecaufa habettrian-
gulom ECDad L HK duplam propor-
tionem eius,quam habet C Ead HL. Eft
ergovt BECad LGH;ita CEDad LHK
Ofteofum aunté eft, effe, EBCad LGH;
itaABEadFGL;ergovt ABEad FGL;
itae BECad GLH;&XECDad LHK,
f vtergovnum antecedentinm ad voum bpsep, 114,
confequentium; ita omnia antecedentia
ad omuoia confequentia ; & reliqua vtin
prioridemonfiratione. Quod oportuit
demonftrare.

Propofiar.Theor.1s.

Quecidem reiilineo funt fimilia, &
&interfe funt  fimilia. .
S It vtrumque reilineorum A,Bipfi C
fimile.Dico &Aipfi B fimile efe. Cum
enim Aipfi Cfie fimile, erit & zquiangu-
lumiilli, habebitque latera’circa gquales
angulos proportionalia. Rurfus cum B
’ fimile .
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' ’ A C,zquiangu-
A ‘ap laillieric, ha-
=1 A bebitque eir-
. Zx cagqualesan-
gelos latera
proportionalia: Vtrumqueergoipforum
A,B zquiangulum eftipfi C, & habet cir-
cagqualesangulos latera proportionalia;
erunt ergo &A,B gquianguls,habebunt-
quecirca zquales angulos, latera propor-
tionalia:fimilia ergo funt.Quod oportuit

demonftrare, T

Propofi22.Theor.16.

8i quatuor retla linee proportionales
Juerint; erunt ¢ rectilineaab ipfis fo-
milia fimiliterd, deferipta propertio-
nalia:Et fireclilinea fimilia fimiliter g,
abipfisdefcriptaproportionaliafue-
riaticramt Qripfepropor-
tienales. ‘
SInt quatuorreGzAB,CD,EF,GH
proportionales.Vt A Bad CDjitaEF
sprep. 8.5 2d GH, adclcribanturg; fuper AB,CD
* fimilia, fimiliterq; pofita reGilinea KAB,
LCD.fuper EF, GH fimilia fimilitérque
- pofita
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._ 9 . pofita MF,
é‘ . NH. Dico !
efle,vtKAB .
A » ad LCD; ita
M

; MEFadNH.

2Z \ }fumature- bpropaics.
z2 G H nim iplarik
+24 AB,CDrer

s ¥ ¥ tia pportionalis X;ipfa-
vz rum vero EiiF,gI;iI tertia
pportionalis O, Etcum
PR ’f?fv:ABadcn;igaEF
8dGH&vtCDadX;ita GHad O:¢ o cprap. 20.5
ritexzquali; ve ABadX; ita GHadO:
dfed vt ABad X,itaef K ABad LC D;& dprop1p.é
vt EF ad OjitacMFad NH:ergovtABK ¢ ¢or. prop.
adCDL;itict MFadN H: Sedfitve 9%
KABadLCD;itaMFad NH. Dico
effe,it ABadCD;itaF Ead GH. Fiat fprep.12.6;
fenim vt ABad CD,itaEFad PR, gde- gprop.18:é
feribaturg; fuper PR reGilinciim SR fi-
mile fimilicerque pofitum ipfis MF;NH.
Cum ergo fit, vt ABadCD; itaE Fad
PR, defcriptaque fint fuper A B,C D re-
&ilineaK A B, L CD fimilia imiliterque
pofitajfuper EF, PR verd fimilia fimili-
terquepofita MF, SR ; eritve KAB ad
LCD;iaMFadSR.; ponitnrautm
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KABadLCD;itaMFad N H. Habet
ergoMFad N H,&ad SR eandem pro-

barep.g.5. portionem;h zqualia ergo funt NH,SR;
fed funt fimilia imiliterque pofita;zqua-
les ergofuntG H,PR.Etquiacfl,vt AB
adCD,itaEFadPR ;& funtPR,GH
zquales;eritvt ABad CD:ita EF ad GH..
Siergo quatuor, re&z, &c. Quod opor-
suit demonftrare, )

Lemma.
%od au-

N & tem quido
reQilinea
¢ H &qualia fi-

milia fuerint, ipforum laterahomologa
zqualiafint, ficoftendemus, Sint N H,
SR zqualia, & fimilia; fitque vt HGad
GN;itaRPad PS.Dico R P,GH zquales
effe.Sinon:erit vna maior. Sit maior R P}
citergo fit vt R Pad PS;itaHGad GNj
acerit permutando, vi R Pad GH;ita PS
8p7%p26.5: 3d G N:maior eft autem PR quam G H:
maior ergo etiam erit PS qua G N.Qua-
re & R S maius erit,quam H N: fed eftillh
equale;quod fierinon poteft:Non efter-
o PR maior quam G H.Quod eportuit
cmonflrarg, -

\ -

Pros



LIZER VI a8

Propof.23.Theor.17. ;
\Aeguiangulaparallelogrammainter
Jeproportionembabent exlateri-

bus compofitam.
.. Qlnt zquiangula
<4 b H S pnrallel%grat?xma
AC,CFzqual¢san-
» ~{& gulosBCD,ECG
. Eabemia. Dicoilla
= proportioné, babe-
1 " re, ex proportic}nc
laterum compofita
; exilla nimirum qud
KUHE— habet BGad CGjée
quam habet D Cad CE. PonaturBCi-
i C Gin dircQum;« critergo & D Ci- aprep.i¢g
fiCEindire€tum, & compleatur paral-
ﬁ:logrammum D G.Exponatur quzdam
re@aK, b fiatg; vt B Cad CG;itaKad L; bprep.rag
8 vt DCad CE;itaL ad M. Proportio-
nesergoKadL, & Lad M, ezdem funt
quzlaterum, BCadCG& D CadCE.
¢ Sed proportio K ad M componitur ex ¢4ef 5.6,
proportione Kad L, & L ad M; habeter-
go & K ad M proportionem cx laterum
proportione compofitam. Etcumfitve

BCad CG;diraAC parallclogrammun} dprep, 1.6¢

i
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adCH: &vtB'Cad C G;ita Kad s
cprop. 1.4 ¢ erit vt KadL, ita A Cad CH, Rurfus

H

fpropre. A -
B ‘ -
9“?.' 1. 4 £ 4
KLME

bprop.22.5 CF; heritexzquali,

fcumfitve D C ad
CE;itaparallelogrd
mum CHad CF;& -

& vtDCadCE;inaL
adM, ¢ ericvt Lad

M,ia CHad CF;
Cumigitur oftélum
fit, ytKad L;itaefle
A€adCH;vrverd
LadM;ita CH ad
vtKad M;ita AC,ad

CF. AtKad M proportioné habet com-
pofitam exlatéribus: crgo& ACad CF;
proportionem habet compofitam exla-
teribus :zquiangulaergo parallclograms
mum,&c.Quod oportuit dehonftrare
Propof.24.Theor.i8.
Omnisparallelogrammique circa dids
metrum funt parallelogrima.fimilid
 [fanttoti,inter fé. .
SIt parallelogrammum ABCD,diareés
trus A C,circaguam fint parallelogri-
ma EG,HK. Dico vtrumq; EG,HK to-
ti A BCD, &inter fe {imilia effe. Cum e-
fiim ad lacus B Ctrianguli AB Cdu&a fie

paral=
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parallelaEF, 4 erit viBEad EA;itaCF a prop.a. .
ad FA.Rurfus cum ad latus C D triangu-
li ACDdu&afitparallela F G,eritvt CF
~ adFA;itaDG
A_E B achG A. Sed vt
CFad FA;ita
Y, H ofich eRBEad
e EA: b ergove g,
[ BEaEA it
‘ ’ etDGad GA: .
¢ componendo ergo vt B A ad AE;ita ¢ prop.is. s
DAadAG: &perdmutando; vtB A dpropac.s
" adADjita AEad AG: parallelogram-
morum ergo ABCD, EG latera circa
communcm angulum B A D fantpro-
portionalia. Cum§ue GF,D Cparalle-
lzfint, ¢ cruntanguli A G F,A D Giitem ¢zropas,
GFA,D C Azquales; communisD A C:
triangulacrgo AD C,A G F zquiangula
funt.Eadem de caufa crunt & ABC,AFE
~@quiangula: tota ergo parallelogramma
ABCD,EGfuntzquiangulyfeftigitur
vtADad DCiitaAGad G F;&ve DCad
CA;itaGFad FA. Ve ve:6 ACad CBiita
AFadFE;&vtCBadBA;itaFEad EA.
- Etquiademontftratum cft, effeve D Cad
CA;ita GFad FA.Vtvero ACad CB;ita
AF ad FE;eritex zqualive DCad CBjita
G F adFE. Parallclogrammorum ergo
i S ABCD,

P x

£ prop.g.64
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A B C D,EG latera circa gquales angulos
funt proportionalia;(imilia ergo funr.Ea-
dem decaufa erit parallelogrammumKH
totiABC D fimile: virumg; ergoEG,
KHtoti A BCD fimile efl,g Quzautem
gIrP- 8¢ eidem funt fimilia, &inter fe font fimilia:
eftergo EGipfi KH fimile. Omnisergo
parallclogrammi, 8c. Quod oportuitde-

moaftrare, .
Propof.z5.Probly. - |
Datorectilineo fimile,Cr alteridato
aquale conflituereo, -
; I[tdatore&i-
, lincoABC
A ’3. fimile conflitu-
- endum, 2q
verd ipfl 8
Applicerdt ad
orpess B fod lat” B Ctrian-
Arg gulo AB(C 2-
. . quale paralfe-

M log'amhii BE:
ad CE verd equalé ipfiD,hi
mird CMin angulo FCE,

bproraront. zqualiangulo CBL; bindi-
 cppasr, reCGii ergo erit BCipfi C F;
, & .&LE 1Iph EM, ¢ Accipiatar

‘ ipfarumB C,CF media pro-

pot-

A
. PN
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portionalis G H; & fuper)iplaipi ABC
re&ilineo 4 fimile defcribatur, &fimiliter dprop, 10,6
pofitamn KGH. CumetgofitvtB Cad
G H,ita G Had CF(quado enim fuerint
tres¢ reCe proportionales,eft vt primaad
tertiam § ita figura fuper prima defcripta
ad figuram fuper fecunda (imilem, fimi-
literq; defcriptamn)Eftergo ve BCad CF;
itatriangulum ABCad triangulit KGH.

fSedvtBCad CF,itacfi BEad EF.vter-
gog triangulii A B Cad trianguli KGH; £ proprs
~ itaclt BE parallelogrammum ad E Fpa- 5 o

rallelogrammum : & b permutando, vt ;::/;':‘5’!

ABCadBE;iraet XGHad EF.A&quale
sutemefttriangulam ABC parallelogri-
moBE:ergo& triangulum KGHzquale
eft parallelogrammo E F.Sed E Faquale
eftipfi D:ergo & KGHipfi D eft zquale.
Eftvero 8 KG Hipfi A B Cfimile.' Da-
toergoraltilineo,&c. Quodoportuit fa«
cere - T

.+ Prépof.26.Thedr.1y, - =
Si‘a parallelogrammo parallelogyaim-
mum auferatr, fimile toti fimsliser 4,

.. pofsam,communem ipfi habens an-
Lolumycircacandem digme~ -

L ttemestsetiy s r

., - s 2 AP‘E

ccil.2.prop,
20.6.
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. arallelogram=
Ac P tAgoABCgl; au-
craturparallelogra-
mum AP Ffimiletod
ABCD, &fimiliter
. pofitum,communé
B angulumDAB cum
ipfo habens.Dico AB C Dcircacandem
£amem’1m eflcipfi AF.Si non.Sit ipforil
diametrus A HC: & ducatur per H veri-
, queAD; BCpirallela H X. Cum ergo
sprep.2¢4.4 ABC D circatandem diametram ficipfi
-« KG;aeritABCDipfiKG fimile.Eft er-
govt DAAAB;ita G Aad AK: eft auté
propter fisilitudinem iploriim ABC D,
EG,vt DAad AB;itaG Aad AE.ergovt
bprep.ar. s 3G Aad AE,ita G AadAK; habetergo
cprpws. .G Aadviramqi AK, AE ¢ esndem pro-
, portionem, Zqualisergoclf A EjpfiAK,
minos maler,qtiod fieri nequir,Non ex-
o ABCDycitcacandem diametrum eft
ipfiA H. Circacandem ergo diametrum
eftipfi AF.|Si ergod patallelbgfimo,&c.

_Quod oportuitdemonflrare.

" Propof.27.Theor.20.

‘Omwismparallelogrammoryp adcan-
demsreitam lineams applicatorum, &
Acficiantinm figaris pargliclogrammes

+
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fimilibus, fipsiliser pofisia ei gna adi-

midiadeferibitiy, maximum ¢33 quod
ad dimidiam ¢5% applicatum, fimile

. exiftens defectui.

E&aABuabife- aprop.te.r.
ceturinC, &
applicetur ad A B
reQam * parallelo- * qwale-
. grammum A D de. 7%
ficiens figura paral-
lelogramma D B, fi-
mili, & fimiliter po-
. fitaei,quz d dimidia
ipfius AB defcripta ¢ft.” Dico omnium
parallelogrammorum ad AB applicato-
ram , & deficientium figuris parallele-
grammis fimilibus, fimiliterg; pofitisipfi
D B,maximum efle A D. & Appliceture-
nim ad reGam A B parallclogrammum bprep.g £
A F,déeficiens parall¢logrammo FB fimi-
li fimiliterque pofitoipfi DB. DicoAD.
maius effe ipfo AF.Cum enim D B fimile
fitipG FB, ¢ eruntcircacandem diame-.cprop.ac.6
trum. Ducaturillorumdiametrus D B, _
& defcribatur figura.d Cum ergaipfi CF dprop.43.0
equale it FE, icdmuncapponayur F B,
- eerittotum CHtoti K E zquale. Sedipfi -2
CHzqualeelt CG cum AC,CBzquales
- S3 fint;
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fint;cega & GCipfi EK zquale eft. Com-
munc C Fapponatur; &ecittotum A F
gnomani LM N zquale.Quare DB,hoc
cft AD,quam AF maius eft, Omnium er-
go parallelogrammorii,&c. Quod opor-
tuitdemontirare, - -
. ¥, Aliter, SivA Bryfus
EG in Cbife&a,& applitai
AL,deficiensfiguraLB.
A ‘pplicctur ad AB paral-
- lalogrammum AE defi-
ciensfigura E B,fimili &
3 fimiliter pofita jpfi LB
™ G adimidia A B defricptz.
Dico parallelogrimum A L ad dimidiam
plicatdi maius effeipfo A E. Cumenim
_aprop.a0.0 EBipfi LB fimilefit# cruntcirca candem
' diametrfi,que fit EB,perficiaturq; figurs.
Quia ergo LF ipfi LH gquale efh,quod &
1 'FGipahGHfitzqualis; FL,quam EX
barop.43.r maius erit:b equale eftaurem LFipfi DL:
thaiusergoeft D Lquam EX, commune
addatur KDjtotuth ergoALtotoA E mas
v v sius eft. Quodroportuitdemonttfare.
¢ - Propof28:ProbLs, -
U Ad datdmireldd Eneam dato reitilineo
v quale parallelogrammum applicarc
dtﬁ“fe-vfgm«mhgzmm.grf :
e - (13
- L)
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Sotfimilis alteridate. Oportet aut?da-
sumvredtilineum , cuiequaleapplican-
dumest, maiwsnoneffeeo, quodaddi-
- midiamapplicatur, fimilibus exiftéti-
bws defectibus;Cr eo quod adimidia, ¢
co,cui oporset fimile deficere.

H G 0 F CltreGadataAB;

re@ilineum da-

/ tum,cuioporteat -

R quale applicare, fic
C,nonmaiusexiflds
co quod addimidid
applicati eft, fimili- -
libus exiftéribus de-

fe@ib®.Cuiau-
D % Z tem oportet fi-
28 mile deficere,
- fit D. Oportet .
c ergoad ABretilineo Czqua-
z

g \ le parallclogrimum applicare

A

defici€s figura parallelograma = -

fimiliipiD.4 Bifecetur AR in E &b defecti yppyp. rprd
batui fupEBipfi D (imile,fimiliterg; pofi bprepad.é
tii EBFG compleatur§; AG parallelogri
mii:quodipfi Caut gquale eft,aut mat® ob
determinationé.Siequale,faGiieft qpiube

« batar;applicatii enim eftad ABreGilineo
Czquale panallclogrammit AG deficicns
e S 4 figura

I
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figura paraliclogramma GB fimiliipfi D.
St vero HE matus eft quam C; erit & GB
maius,cum GB ipfi HE fit zquale. Excef-
fuiauté,quo G Bexcedit C, ¢ fat zquale
KLM N fimilefimiliterg; poficiipfi D.
/ Etcum D fimilefitipfi GqB,_ erit @ KMi-
pfiGB fimile:fitlinea KL ipfi GE;& LM
ipliGF homolo‘ga;%a ergoGBequaleeft
ipfis C,&KM;entGB;quaKM maius;erit
. ergo& G ElincamaiorquiK L; & GF,
- dprop-3a. quam LM.d Fiatipfi KL zqualis GX;ipfi
LMipfaGO,compleaturg; parallelogra-
mum XGOP, quod erit zguale; & fimile .
eprop.21. 6 jpfi K M.fed KM ipfi G B fimileeft jeeric
£9720.20-¢ e100 &G Pipli GB fimileyf fusit ergoGP,
GB circa eandem diametris, que fit GPB.
&defcribatur figura.Cumitaq;GB ¢qua-
lefivipfis €, KM, & G Pipfi K M;eritreli-
rop.#3.1 Quus T@¥ gnomonipfi Cequalis,f cam-~
e queO &iygﬁ XS ﬁtzgiualcs ,q fi cqrgmune
hav.s.  PBaddatur;erit b totum O Btoti XBz-
iprop-361 quale, fed XBipfi TEeft 5 wquale,quod
AE,EBfintzquales:eftergo & TEipfi
OB zquale,fi commune X S addatur,erit
totii TSgnomoni ¥ 2T zqualé. Sed gno-
c... -monipfiCoftenfuseftzqualis: £ cftergo
“%I: TSipfi Cgquale.Addatim ergo ABdato
relilinco C zquale parallelogrimum TS
applicatum eftdeficiens figars P B,ﬁq\i}ii
o S R 3

cpropas.c
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ipfiD,cum PB ipfiG Pfimilefit. Quod
oportuit facere.

Propofitio 29.Probl. 9.
Addatamreiiam dasoredtilineo agua-
Je parallelogrammum applicare , exce-

dens figura parallelogrammafi-

: mili afteri data.
S IT p A TAfe@aAB;&reilincum
J C, cui oporteatad A B zqualeapplica-

G

re, cuiautems fimile éffe debbat excedens aprop. 10.5
fit D. s Bifecetur A Bin E,b defctibaturg; brrorad-s.
Juper EB parallelogrammum ﬁ&)ile,ﬁm?. L,
’litmll; Fpo 8:uén 8ftpﬁ_D; Abqualeverd vtrie. ..., -
queBF, mile ipfi D efiat GH, 6
<quod ipfi BB fimile cri'z Sit éutem(lifiﬂ wpase
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K Hhomologum lateri FL;X Gipfi BE-
EtcumG l-rol%aius fitqui PBAQﬁtPG‘ti ;J.'!
maior,quam F L; & KG quam FE; pro-
ducanturF L, F E,vr’ipgsKH,.KK z-
quales fiant,in M& N, complcatui'c‘jﬁe
MN, quod ipfi G Hzquale & imileefit

Ga

dprop.21.6. s X

QPpropas.y, S .
fed ipfi GH fimile eft EL; deft ergo &

M NipfiE L fimile; ¢ funt ergocirca can-

dem diametrum ,quzducatur, & fit F X,

faz.s, compleaturque figura, Quia ergoGH

, tam ipfis E L,& C,quam ipli M N zquale

eft; ferit & MNipfis EL. & C zquale. C3-

) ¢, mune E Leollatyr; &eritgnomon ¥ T ¢

ﬁ;',:"’”'x ipli C zqualis. Cumg; E A ipfi EBfica-

bbb qualis,fcrit & ANipfi N B zquale, hoe

* efthiph L O,communcaddatur EX,erit-

. - . que

.
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quetotum A X, totignomoni ¥T & ¢qua-
Ie:fedgnomonipfi. Czqualiseft: eriters
go & A Xipfi Czquale.Ad dati ergo AB,
datore@ilineo C zquale parallelogram-
mum A X applicatum eft, excedens figura igrop.24.6

drallelograma PO fimili ipfiD,s cam & E
Lipfi OP fimile fir. Quod opartuit facere,
Propofitio 30.Probl. 0.
Datam rectam lineam terminati ex-
trema acmediaratione fecare.
Porteat datd terminatam A B extre-
maac media ratilc;ne fecare.a Defcri. 377441
atur fuper A B qua-
P dratum BC, b agpu- Kakacad
A B ceturg; adAC paral-
lelogrammum C D,
¢quale quadrato BC,
~ excedens figuraA D
, fimili B C quadrato,
c F E quz qu'adra;um erit.
———p uia BCipiCD z-
A B € qu;ile eft, fi fo’mmunc
CE auferatur ; eritre-
liquum B Frelique A Dzquale, funtve-
ro & zquiangula; ¢ latera ergo ipforum cprop.14.¢
BF, AD reciproca funt circazqualesan-
gulos:cﬁer%‘)v; FEadED;itaAEad

%0

- EB:&eftFEipiAC, hoc oftipli A B
, Zqua=
-— ety S
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aqualis: & ED ipfiAE ; quarceftvt BA
ad AE;ita AE ad EB:dmaior eftautem

D ABquam AE:maior

ergo & A E quam:

A p EB: cft igitur reGa

/ ABextremaac media

' 5 ratione fe@ain E; &
° maior portiocft AE,

. Quod oportuit face=

c F re. R
AR Alster, Oporteat re-

S () \ _&amABpextfema ac
: ;' media ratione fecare:
epripas.2- gfecetur ABin C; vequod AB,B Ccon-

tinetur,zqualefit ei quad ex A C quadra-
to. Cum ergo quod A B, B C continetur
‘zquale fit ¢f quad ex A C fit quadrato;
fprop17.¢ ferieve ABad AC{ita ACad CB. Eft
ergo A Bextrema ag mediarationefeQa,
RQuodoportuit facere, * -, -
~ Propofitio3t.Theor.21.
Iptyiangolic reiiangulis figura que fit-
alatere reidum falirendente egualis ofp

Sy gmesque fiumt 3 lateribus recinmcis

- tinentibdi, fimilibus; fimiliterq,
< deferiptii, L

T S

dprop.14.

-

s,
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Sltuiangulum reQangulum ABCre-
&um habens 4ngulum BAC. Dicoy
id quod fitexB Czqualeeficillis, quz fi-
' untexBA,

' A C {imili-

bus fimili-

terque de-

! <1 {criptis. Du

catur per-

BT € pendicula
risAD;ac-
funtq; tri-
'~ .angula AB D;A D Caperpendicalari fa-
&a,&toti A B C,&inter fe fimilia. Cum-
-queA BC,ABD f{imiliafint,eritvt CB

aprep. 8. €.

adBA,ita A Bad BD, Bquandoautétres berol. .
funt proportionales, eft vt prima ad terti- #rop-20. 4.

am;ita quz & prima defcribitur figaraad
figuram {imilem a fecunda defcripram. Ve
ergoCBadB D;itaeltfiguraex CBad fi-
guram ex B A, fimilem fimiliterq; delcti-
-ptam. Eadem de caufa,erit ve BCad C D;
itafiguraex B Cad figuram ex CAiErgo
.vtBCad BD, DC;ita figura ex BCde-
Acripta,ad figurasex B A,ACdefcriptas fi-
miles,fimiliterqg; pofitas: zqualis eft anté
BCipfisBD, DC;ergo& figuraexBC
&qualis critfigurisex B A, A Cﬁmili‘!:uf.
mi=
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* fimiliterq; defcriptis. InreGtangulis ergn

triangulis, &c. Quod oportuitdemone -

cpropas.é. frare. Aliter.¢ Cum fimiles figurz in due
plaproportione fint Fomologorum late-
rum, habebit figuraex B Cad figuramex
- BAduplam

proportio-,

nem cius,

qui - habet

- ” B A. Ha-

D C bet vero &
e quod exBC

' quadratii ,

~ ad quadratumexB A duplam proportio-
dptopar.s. pem cius quamhabet BCad BA L Vier=
' gocftfiguraex BCad figuram exBA ;ira
_ eltquadratum ex B Cad quadratii ex AB.
Eademde cavfacft, vifiguraex BCad -

.~ guram ex CA; ita quadratum ex BCad
~quadratum ex CA. Eft ergo vt figuraex

‘BCad figurasexB A,A C;itaquadratum
r9)-#7:b ex BCad quadratacx B A,AC. Stdequa-
*dratumex BC eft zquale quadratis exBA,

‘A C: Eft ergo& figuraex BC xqualisfi-

v gurisexBA, A C,fimilibus fimilicer-

;9 « . ia?

v quede.ﬁrlptls.Qling oftuit

edlti i dcmonﬁra‘;.g K '
Propo-
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Propofitio 32. Theor, 22.

Sidno triangula duo latera duobus ls-

teribus proportionalia habentia, adv-

num angulum componantur, itavt la-
sers homologa fint parablela, reli.

gualaseraindiretum eruns

' " conflituta,

QInt triangula ABC, D CE habentia
duolatera BA,A C,ducbus DC, DE
proportio
nalia. Vr

ABadAC;
itaDCad

\ . DE,fintq;

B [ ~¥twum AB,

- " DC,quam
AC,DE parallela, Dico CEipfi BCin di-
re®um cfle.Cumenimin AB,D Cparal-  _
lelas re@a A Cincidat, # cruntangulial- aprepyss.tl
terni BAC,ACD zquales.Eadem decau-
fa & CDE,A C D zqualeserunt:vnde &
BAC,C D E zquales funt, Ciiig tur duo
“triangulaAB(,DCE vnum angulum qui
eftad A, vni qui cft ad D zqualem habe-
ant, & circa zquales angulos latcra pro-

- portionalia,viéBA ad AC,ita CDad DE, bprep.6. 45 -

gquiangula critanguliigitur ABC,DCE

; ‘ %qua-
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¢quales funt.Oftenfi autem funt & ACD,
B A C zquales. totus erge ACE duobus
. ABC,BAC eftzqualis : communisACB
addatur,& erunt ACE, ACB xqoaleshis,
€prop-321- BAC,ACB,CBA: ¢fed hitres duobusres
Qisfuntzqualesiergo &ACE,ACB duo-
busre&iszqualeserunt. Ad punGum er-
goCre&z ACduzre@zBC,CEnonad
cafdem partes pofitz, angulos deinceps
. A CE, A CB duobusre&is zquales faci-
dpropetsiis e cin ddite@am ergo el BC,ipfi CE.
Siergo duotriangula,&cs Quod oportuit
demonlirare, »
Propofitio 33.Theor.2 3.
In equalibus circulis anguli eand? pro.
portionem habent ; quam peripheria,
quibws infiftunt, ﬁuc ddcentra, fiwead
peripherias conflitusi infiffant.
Quin & feidores, quippe ad
cewvrs conflitnti.

N zqualibus circulis A BC,DEF ad cé-
Atra a H conftituti fint anguli BGC,
EHFad peripheriasB A C,ED F. Dico
effe,ve BCperipheriaad EF peripheriam;
itaangulum B G C;ad angulum EHF ;&
BACad EDF; &infuper BGCfe&oréad
EHF {c&orem.Ponantut peripheriz BC

: Zquie
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| <
xquales quotcunque deinceps CK,K L
-peripheriz EF q’uotcnn%uc zqualesF M,

MN,ducantorque GK,G L;HM, HN.
Cumergo peripheriz CB,CK,KL zqua- - ’

lesfint, 4 crunt & anguli BG C, CGK, yrapaz.g
KGL zquales, quam multiplex ergoeft = -
peripheria B L peripheriz BC, tam multi-
plexeftangulus BG Languli BGC, Ea-
dem de caufa quam multiplex eft peiphe-
riaN E peripheriz EF, tam multiplex eft
angulisN H E anguli EHF. Siigitur pe-
ripherizBL, EN zquales funt, crunt &
anguliBGL, EHN ¢quales: Et fi peri-
pheriaBL quam E N maioreft,erit & an-
gulus B G L maior angulo EHN et fimi-
nor, minor. Cumigitur quatuor fintma~
gnitudines, duz peripheriz BC, EF,&
duoanguliBG C, EHF jacceptzq; fint
peripherie BC & anguliB GCzquemul-
tiplices peripheria BL, &angulus BGL.
Peripherizverd EF & angull EH F peri- -

" pheria E N & angulus E’}-IN » demons
ol | -

— 4
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firatumquefic i peripheria B L maior fit
peripheriaEN, &angulam B G L angu-
lo EHN maiorem cfle ; & fi zqualis 2-
bdsf.5.5. qualem; fiminor,minorem: & Eftergove
B Cperipheria ad peripheriam EF;itaan-
' # gulus BG Cad angulom EHF. Sed vt
. orepas.5 BGCad EHF; ¢ita eft BAC angulus
. ad E D F angulum, vterque enim vt{iqf-
quéedupluseft: ergove BCad E Fjita eft
BGCadEHF;&BACadEDF.Inz.
qualabus,'er%;; circulis, 8. Quodopor-

e tuit demonftrare. oE

 _.E F PR QT
~ Dico praterea,vt eft BC peripheriaad EF
&eriph;riam sitacffe GB C feGorem ad
F E fe&torem. Ducantur, BC,CK;ac
cipianturg; periphcriarumBC, CK pus-
. & X,0,&ducantur BX,XC,CO, OK.
-+.Cumergoduz B G,G C,duabusCG,GK
| gquales fint, angulofque zqualés conu-
_dgrop. #.1. peant;dernne & bafes B G, C K zquales:
o .igitar & triangula BG C,[G CK zqualia
erunt; cumque pesipheriz BC, CK fing
X : T ®'quas

[ _
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#quales, erit & reliqua B A € peripheria
reliquz CAK zqualis; eergo & angulus eprop.27.50
R XC angulo COK =zqualiserit, fpor- fdefir. 5.
ticnesergoBX C,COK fimiles funt, & |
funt fuper qualibus ré&‘isBC,CK:g cir- gprep s
culorum dutem portioncs fuper 2quali- .
bus re&is conflitutz, zquales funt: por-
 tionesigiturBXC, COK #quales funt. .
Sunt vero & triangula BGC,GCK a-
qualia stotusergofe&tor BGCrotGKC
eftzqualis, Eadem de caufa, eruntfeo-
resGKL, GKC gquales: tres igitur fe-
&oresBG C,CGK,E LKz ugles funt, .
eadem decaufa,erunt & tres HEF, HEM,
HM Nzquales. quam multiplex ergoeft
peripbetia B L peripherig CB, tammul-
[ tiplexeftleétor G i LfectorisG BC, Ea-
~dem de caufa quam mukiplex eft periphe-
tia EN peripheriz E F,tam multiplex eft
feGtor HE Nfe&orisHEF. Siergope-
ripheria BL ‘maior eft peripheria E N,
erit & fe&or B G L maior fe,aor'e EHN; '
Et fi zqualis, zqualis ; & & mincr,. mi-
“nor.. Cunt'igitur quatupr fint magoicu- -
dines;duz peripheriz B C, EF, & duo
feQores G B C, EHF; acceptzque
fint periﬁb‘:x:i.a‘e BC, & fe®otis GBC,
zque mulr plices BLperipheria, 8 GBL
' B&or. Periphetiz verd EF, & feQoris
{ o ooun ) T 2 HEF, .

-

e S R N P S o
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' HEF,peripheria EN, & fe@or HEN; de™

gMM;

monftratamg; fit fi BL major it quaEN; -
& feGorem B G L maiorem efle feGore
EHN;& fizqualis,zqualem;fi minor mi-
norem. g eritvt peripheria B Cad EF pe-
ripheriam;ita GBC feGor ad HEF feéto-
rem. Manifefli ergo efl, effe, vt eft fe@or
adfeGorem,itaangulumadangulum. .

o Ex libro 13. Euclidia. |

peripheriz CB:igitur C D quadruplaerit

Propofitios. ,

. Silatera hexagoni & decagoni eidem
~ cirenloinferiptacoponantur , evit tota

copofitapropovtionaliter fecta.

Intincirculo DCB,lateraBC decago-
ni,AChexagoniin dite@it pofita. Di-
e A cototi ABin C propor-

tionaliter efle fe@3 , ma- .

¢ ioremg; portionem effe -

AC, Sumpto enim cen»

D BtroE. iungantur. reGe

EB,EC, EA, pducatur-

que EBinD. Quiaigi- |

turBClatus eft decagoni

zquilateri,erit peripheria BEDquintupls

diufs
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" eiufdem CB.Vt & verd peripheriaCD ad apr0p.35.6
peripheriam C Bsita eftangulus CE Dad :

angulum CEB:Quadrupluseftergoan-

gulus CED anguli BEC. Et quia bangu- bprop. 5. 10

lus EBC zqualis eft gngulo BCE, erit :

eangulus DEC duplusanguli ECB,cum- cprop-39-3-

que EC re@z C A fit zqualis ( viraque |

enim eft zquaalis lateri hexagoni circulo

.. BCDinferipti)derit & angulus CEA an- dprop. 1.1,

gulo E A Czqualis; ¢ duplus ergoeftan- epropgz.to
gulusB CEanguli CAE; fed anguliBCE
- duplus oftenfus eftangulus CE D: qua-
druplusigitur ela angulus CE D anguli
CAE oftenfus eftautem & angulus CED

uadruplus anguli C EB: zquales ergo
?unt anguliCAE, BE C, Triangulorum
autem ABE, ECB angulus EBC eft com-
munis; f eritergo & reliquus AEB. reli- fprop.32.1,
quo ECBzqualis.Quaretriangula ABE, | :
CBE funtzquiangula: g eft ergo vt AB gprop.g.00
ad EB:itaEB adCB. EftveroBEipfi =
ACzqualis:iigitureftviABad AC;itaAC -
ad CB: Maiorautemeft AB,quam AC:
bigirur & AC quam CB.Quacirca QB in hprop.rg.g

Cfe&aeft proportionaliter, & portia

‘maior eft AC.Qunoddemon-
- ftrare oportuit.

’egﬁi | Pro;‘ '

~
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Crewge) Propofitioro. =
‘ Si circulo pentagonum equilaterum
. ey s W0fCribatur latws pentagonspoteyit, &
" Aatw hexagomi,¢rlatus decagonisei-
demcirauloinﬁriptamu.

ABCDE,

" cui pentago-
nem gquilates
rum ABCDE
inferibat, Di-

'/ » o latus péra-
. goni pofle &

. hexagoni, &
L' decagoni lat?
- dideémcirculoinfgriptord. Acceptoenim’
o centro FdacaturAFG,FB,& ex Fad AB

. perpéndicularis FI,que producatarin H,
e ifuijgzn';uy (']:'xe AH,HB, rurfusc’l;'ab Fad

X hHagutux: perpsndicularis FL,quzinK

pro’du catur,i'u ngaturg; HM. Erquiipe-

vy ipheria ABC G 2qualis eft peripheriz
aptady AEDG,4 quard A B Czqualis et AED:
eftigitur &reliqua CG, rc_liquz DG
qualxs-‘Eﬁau‘fgh‘lCD pcntsgoni;C Ger-

o Decagoniverit.Er quia AF,FBb2qua-
:’:;i;r,,"' ?es fi unt,é perpendicularis EI:: eritangu-
dpropafglusAFR angulo’ HEBaqualis,d ideoq;

. A & . ' &

A Stoci'rcul'~

t
1
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& peripheria A H peripheriz HB. quare
peripheria A Bdirpla ctitperipherig HB:

igitur AHlatus et decagoni. Eadem ra-

tione AH peripheriaiphus AK duplaeft.

Quia ergo periphetia A B peripheriz HB
duplaeft; peripheriajvero € D periphe-

riz ABzqualis;crit & CD peripheriadus 7 - -
pla peripheriz H B. Eft verd & C Dpexir
_pheria dupla peripheriz C G peripheris *
ergo CG,BH zquales (ung: fsd BRiplup
P Kduplacft, quod & A H. Jgitur & CG .
ipiusHK eftdupla. Eftaatem peripheria
-CB peripherie ABzqualis:ergptoa BG
peripheria;per iph stiz B duphacflise var ¢ prep.ap.y

' de&angulus G F B, anguli B¥ K dyplus

|

erinEf f vero & angul” GFB duplusauy fprer.s0.34
guli FAB,& ¢funt FAB,ABF zquales:gft gpror-s.s.
higitar & BY Mangulusiangulo FAB g ka7
qualis. Triangulorum aytem AFB, BEM
communis citingulys ABF: erit igictr &
reliquus AFBreligno BMFgqualis. Qua-
re ufangla ABF, BFMiunt ¢duiangula.
s Ergoclt ve AB ad‘BF sitaFBad Nh ipris. 4, #,
keettanguliicrgo re§isAB.BM conten: kprop. 72
“tumzquale eft quadraroipfiusFB.R.utfus L #7952,
- quomiz AL,LH xquales farnts'emunis,
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angulo HB M eftzqualis : cruntigitur &
- LHM,HBMzquales,& eftduorum tri~’
angulorum BAH, H A MangulusBAM
., commaunis: critigitur & reliquus AHB
reliquo HMA zqualis. Triangulaigitur
AHB,H AMf{untzquiangula. p Quare
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gulutm ergogretis AB, AM contentum,
zqualccf? quadratore@tz AH .Often-
fum eft autem & ra@angulumre@arum

2 propr.a. AB, BMzquale cfle quadrato reétz BF;

‘ergo re@angulum linecarum AB, BM, °
cum re@angulo lincarum AB,AM(rque.
funtequalia quadrato toti’ AB)eft 2qua-
fequadratisipfarum BF, AH; & eft ABLa-
* tus pentagoni ; F B hexagoni; A Hdeca-
\ Eoni:igitur latus pentagoni poteft & latus
- lexagoni,& latus decagoni eidem circulo
ihfcr‘iptdrum,qqod eratdgmoniirandum
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