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in dire@um iacentium altcrius ad alteram
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Inn direGtum sacere dicnntur due lince,
guando cx illis fit vma linea. R
9 Silinez angulum coatinentes, reGa
fuerint,reilineusangulusdicicur.

‘Ao Sire&alinea fuper re-

< vterque zqualiumangu-
" lorum. Etinfiftens reQa,

perpendicularis dicitur eius,cuiinfiftic.
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tem peripheriz circuli terminata ; qua &
circolum bifariam fecat. nemspé linca BC -
- 18 Semicirculus eft figura
-adiametro,&intercepta cir-

~ culi peripheria contenta.
[9 19 Segmentum circulieft, quod
£\ ireQalinea, &peripheria circus
. li continctur. _

20 ReQilinez igurz funt, que reQisli-

neis continentyr. Trilaterz,que tribus;

quadrilatérz , quz quatuor; muleilage.
fZ,que pluribus quim quatuor lineis re-

&is continentur. o

- A\ 2 Trilaterarum figorarum,a-
) , quilaterum trianguli eft,quod
gla;cra habet zqualia.

¢ Ag 22 o




s . L I'EER L

122 prfcclcs s quod duo tanmm z-
uaha habct lateraf/ ‘

ey,

f ,," ! 13 Scalenuk, qnod omnia
-tria ingqualia -hebet latc-
\ a. I
24. Trilaterarum praterea figu-
ratym retanguium triangulum
eft, quod rectum. angulum ha-
ber, . .
25 Obtufangulum, qnodobtufnm 'vtejl
urdz3. .
26 Acutangulum uod tresicutos ha-
bet angulps, pt{tm:ﬁ?gm'a 2.6 22,
] sa%; Quadrilaterarum figurarfi,
Z7 | Quadratumeft, quod zquila-
L1 'terum&zquiangulum ef
“28 Altera partelongior figu-
Z3 raclt;quz zquiangula quidé,

at pon zquilateraeft.

29 Rhombus, que zqm-
29 latera gqulangula verd aon

50 Rhomboxdes, qug op-
pof ita, & latera, & angulos
~ zqualiahabet; at neque-

qt.nlatcri eﬁ, neque zqmanw.
31 Relix

>

— tm— ———— —

-————



EIRG Reliqla ab his quadrila.
tera,vocenturtrapezia. ©
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inneutram partem coincidunt.

Pofiulara.

Poftuletur i quonis pun@oadquod-
uisrc@amlincamducere.  ~

Erre&am lineam terminatam in con-
tinuum, & diseGum producere. ‘

Et quouis centro & interuallo circu-
lum defcribere. ‘

- Communes fententiafen
axfomatao.

1 Quz eidem fuat zqualia , & inter fo
funtzqualia.

2 Er,fizqualibus zqualiaadduntur, tos
ta funt zqualia, '

3 Er, fiab zqualibus 2qualia tolla;mur,

reliqua funt zqualia.

4 Eufiingqualibusgqualia addantur,to- 8

tafuntinzqualia. : .

5 Et,{iabinzqualibus 2qualia auferau-
tur,rcliwfuntinzqualia. S
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6 Et, quz ciufdetn funt duph . mtcrl'e

funt zquaha.
g Et,quzciufdem fynt dmxdu s mtetfe
funt zqualia, .
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fefuntzqualia, |
9 Ex,totum eft maius fua parte.
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lum defcribere.

. Communes fententisfew
axiomatao,

1 Quz cidem funt zqualia , & inter {¢
funczqualia, '

2 Et,fizqualibus zqualiaadduntur, 1o~
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3 Et, fi ab zqualibus zqualia tollantur,
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4 Eufiingqualibusgqualia addantur,to-
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B,foper 4 eag; conflituatur triapgulum -
. zquilaterum D A B, b produ&is in dire-

GumiplisD A, DBinE,&F. ¢ Centro
B, internallo B C defenbacur circulus
CGH. Rurfus d centro D, interuallo
D G defczibaturgciccolus GKL. Quo-
niam ergo B centrum eftcirculi C G H,
e eritipfi B Czqualis BG.Ryrfus cam D
fitcentrum circuli GKL, ferit D Lz-
qualisipi DG ¢ %uarum parsD Aeltz-
qualis parti DB ¢ b reliquaergo AL 2-
qualiseric reliquz BG. Oftenfa eft au-
tem & B CzqualisipiBG: vtraquecrgo
AL,BCzqualiseipiBG. i Queau-
tem cidem funt zqualia,& inter fe funt z-
qualia: erga A L zqualis ellip6 BC, Qua-

" read pun&umdatum A, datz re&z BC
zqualis ¢ft polita, AL.Quod facere opor-

\

tuit. . .

*'* Propofl.Probl3. -
Daris dusbus inegqualibusyectis lines,
4 npaiore minori aquglems ab. .

vy fFipdereas T
R s Qlntdatzre@ain:

D.: - Yaquales AB,&C;
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& aqua,minori C z-
= qt?alcmd)fcinderc

opor-

-



LIBER £ i
tuere, # Centro A; intcruallo AB deferi- , Pepsl ~
batur circulus BC D. Rurfus & centro B, b Pef.g,
interuallo BA defcribaturcivculus ACE: -7 -*
& ex C, vbifecircutifecantad A, B pun- .
€ta,cducanturreGte CA, CB. Quoniant ¢ p, 2,2+
Acentrumeftcirculi BCD, derit AC 2 d4efi g,
qualisipfi A B. Rurfus, quiaBcentruny N
¢ftcircoi C A E, e crit & B C zqualisipli ¢ defass
BA.demonfiratacftamtem& C Azqha~ . =~
ks ipfi A B: vtraqueergo.C A,C Bzqualis
eftipfi A B:f qugautécidem funt gqualia, £ grry
&inter fefuntequaliz:igitur CA zqualis
¢} CB:tresergo CA,A B,B Cfunt 2qua~
fes.Quaretriangulum A BCeftzquilate+
rum,& foperre&ta A B conRitutd, Quod
facere oportuit. : o

. Propof2.Problema .-

CAd daturs punitum date reGelinea

- .. agualemreitamponere,

' Tut data,fun-

Gum A, reQa j

"BG, & oporteat

g adpa&um A re-

&z B Czqualem
‘ponere. Dutatug
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aave: SbafisBC,bai EF fitzqualis, & triant;
v .. guum ABC,triangulo D EF, &reliqui
ungulireliquisy veerque vtrique; quibus
st hin o z%nalial:tera'fubtenduntur.népc ABG
ipi DEF; &ACBipfi DFE. - Sienim
* faperpe- triangulum ABC triangulo D EF* con-
warur,  groat, & Afuper D ponatur ,« congruet
wanl.  ABre@arc&zD E,&BipfiE,quod AB
Lt xqualis D E.Congruenteigitur A Bi-
pliDE, congruet & AiCipi D F,quod
angulus B A C angulo ED Ffit zqualist
ideo & Cipfi F congraet, quod & A Cz-
qualisTitipli G F.Sed &Bipfi E congrue=
bat. Quare & bafis B Cbali EF congruerts
Si eaim congriente Bipi E, & C1pliFy
bafis B Cbafi EF non congruat,contine-
bavss buntduzreGzfpactums b quod fierine-
quit.CongructergobafisBCbafiEF, &
aqualisilli erit ; adeoque totum triangu-
lum A B C totitriangulo D E F cSgruer,
caxd.  ccigizqualeerit: congruent ergo & reli-
quianguli reliquis,erivjue A B Cangulus
3! angulo, DEF,8c A CBip(i D F E zqualiss

* Siergoduotrianguladuo latcraduo-

Eus lateribds equalia habue-
o faL&o .
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Iofeelinm triangulorwm anguli adbd-
fom [unt aquales: & produiiis aquali-
. bsredis,erumt & anguliinfra
« bafim aquales. Co
A SIt triangulii ABG,
~ \Jhabenslatus AB,la=
teri A Czquale. Pro-
dicantur in direGum
@ ABACreGzin D&
’ E.Dicoanguli ABC,

m(gulo ACB;&CBD, .
. ) ipfi BC E zqualem ef- '
fe. Agcipiaturin B D quoduis pun&um

E:&f aufcratuc 3 maiori A E,minori A F I

®qL_{is A G:# ducanturg; reQ@2 FC,GB. b pop./,

&cuiti AF,ipfi A G;& A B 2qualisitipli
A Gjeruntduz F A,A C,duabus G A,AB.

!

gquales,altera alteri,continentque angu--¢ prop. gore

Jum communem F A Grecritigrur balis
. FCbali GB¢qualis &triangulum AF C
triangulo AGB,& reliqui anguli refiquis,
alcer aleeri, quibuszqualialstera fubten-
duntur;nempe ACFipli ABG,&AFC
iph AGB. Etquuatora AF woti AG=-

\ deris

qualis cit,quarum A Beft ¢qualisipG AC;
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daxz. derit&reliquaB F,reliquz CG zqualis.
Oftenfaautem cft & F Cqualisipfi G B,
Cumergoduz BF, FC duabusCG,GB
zqualesfintalteraalteri:& angulus BEG,
angulo C G Bzqualis, & balis B Ccom-

epreop.s., munis, e erittriangulum B E C triangulo
CGB¢quale,& reliqui angulireliquisal-
ter aleeri,quibus 2qualia latera-(ubtédun.
tur:ergo & angulus FB Cangulo GCB,
&BCF ipfi CBG zqualis &rit. Etquia
totus ABG oti A CFoffenfuscltzqua-
lis, & CBG ipli B CF;eric eggo & reli-

tous, A’B Creliquo AC ngt}aizs:& fupe

-

ad bafim trianguli A BC; oftenfuseftad -
temFBC angulus » angulo GC\} 2qua-=
lis, & funt {ub bafi. Jlofcelinm igickr tri-:
angulorum anguliad bafim gqual~ 4 eer.
& produis z nalibus lateribus J33 am:
anguli infraba%m.%oddemomﬂxare o~
o portuit, '

~ Propofs. Theor.3. x
Si triangali duo anguli aquales fue-,
rint,erunt ¢rlateraequalesangulos .
[fubtendentia,aqualia. ‘
. Slt triangulum A B Chabensangulom

ABC,angulo A CBzqualem. dico &
latera
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© Propols.Theor.z. "/ -

)_kﬁeliam triwgalomm angnli ad ba ,\
fom funt aquales: & produclis aquali-
- basrectss , erume & anguliinfr

v o baﬁinaqsale.r.v Yo T

A Qlttrianguli ABGC,
- Jhabenslatus AB,la=
teri A Czquale. Pro~
diicantur in direGum
\\g. AB,ACire&zin D&
’ E.Dicoanguli ABC,
angulo ACB;&CBD,
) ip(% BCEzqualemef-
¢ipiaturin B D quoduis punGum

E;

auferatut 3 maiori A E,minori A F apropsts

#q.. {is A G:J ducanturg; re@2 FC,GB b pof. 1,

&cuth A Fyipfi A G;& A B 2qualis Gtipli
A Cieruntduz F A,A C,duabus G A,AB.

!

mquales,alteraalteri,continentque angu- ¢ prop. g0

Jum communem F A Greeritigreur bafis
F Cbali GBequalis & triangulum AF C
triangulo AGB.& reh'qlii aaguli reliquis,
alter aleri, qmbuszqualial iterafubren-
duntur;nempe ACFipiABG,&AFC
iph AGB. Etquuatora AFwtiAGz-

derig

£
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davy. dAerit&reliquaB F,relique CG qualis,
Oftenfaautem cft & F Cazqualisipfi G B,
Cumergoduz BF, FC duabusCG,GB -
zqualesfintalteraalteri:& angulus BEG,
angnlo CG B zqualis » & bafisB Ccom-

eprop.p.r. mupis, e erittriangulum B E C triangulo
CGBgquale,& reliquianguli reliqussal-
ter alteri,quibus 2qualia latera-fubtédun-
tur :ergo & angulus FB Cangulo GCB,
&BCF ipfi CB G gqualis &rit. Etquia
totus A BGroti A CF offenfuseftzqua-
lis, 8 CBG ipfi B C F;ric eggo & reli-
tquus,AB Creliquo A'C Bequai:s:& fupt
ad bafim trianguli ABC; oﬂ%cﬁ au-
tem F B Cangulus, angulo G
lis, & funt qu
angulorum anguli ad bafim gqual-
& produdtis z?ualibus lateribus J2
anguliinfrabafim.Quoddem

_ pormit. ‘

zqua-

bafi. Jlofcelium igitwreri-:

-

~ Propofs. Theor.3. 4

84 triaigali duo angnli aquales fue-,

rint,erunt (rlateraequales angulos .
[fubtendentia,aqualia.

. Slt triangulum A BChabensangulom

ABC,angulo A CBzqualem. dico &
latera
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litera A B, & € zqualis effe. Sienimfune

inzanslia,eritaleerii maius,fic maius A B.

& Auferaturdmaiore A B, minbri A Ca- 221530,
o qualis DB,ducaturd; DC,

fee A Cum ergoD B,AC2qua-
: - l¢s fint , commurtis verd
3 " BC; eruntduzDB,BC,

. € duabus AC, CBzquales,
sltera alteri,& angulus D B C2qualisan-
gulo A CB:bigitur&balis D C, bafi ABbprep.st.
erit equalis,& triangulum ABC, trisngus =~ -+ =:
lo DB C,minu¢nmiori, ¢ quod eftabfue. ¢ax.s. .
dum;ndigitufin zqualiset AB,ipG A C:.
ergo equalis. Quarefi trianguli duoangu-
liequales fuerint , erunt & latera,zquales
angulos {ubtendentia, zqualia. quod de=
monflrare oportuits B
-, Propof.7.Theor.4. |
Supereademvrecialines, duabus reitus |
liness, aliaduerecie aquales alteraal.
teri,non conflituentur, adaliud atque

alindpunitum , ad eafdem partes,
eofdemy, cum primdducii ter-
minos babentes.

SI enim fieri poteft conflituatur fuper

cademre@a linca AB, duabus re®is
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E D,DF,non congraant,fed atid cadane,
vefunt EG,GF.b conflituérur fuper eadé
re&aduabusre@is, alizduzreQz 2qua-
les, altera alteri, ad aliud at ucalind pun.
&um,ad cafdem partes, eofdem terminos
habentes. At non conflituuntur. N oner-
gocongrueate bafi 8 C,bafi EF,n3 can-
gruent BA,AClateraipfis E D,DF:con-
graent ergo.quare &angulus B A Can-
gulo E D F congruet, eique zquglis erit.
Siergoduotriangula, duelatera duobus
la:er%bus zqualia habeant, alterym alteri,
habuerint verd & bafim] bafi zqualem,
habebiit quoq; angalum zqualibuslare-
ribus contentum,angulo ¢gqualem.Quod
oportnit demonflrare, - :

" Propof9.Probl. So..

: Dathmmgulnm rectilineum bifan-

.

riam fecaress -
A :‘S}Itcﬁtlismgdi.

- BAC,quemor

~ pofteatbifariam
fecare. Accipia-

. tur queduis pii-

€  @umD. Atque

aprpany acx AC ip‘ﬁ AD bzqualis auferatur AE: &

fuper -

lusre@ilineu’ .



foperdudtam DE, b conflituatur trian- pyrep,ss,
ulfi gquilaterum D EF, & iungatur AF.
%)'sco angulum B A/Cre@3 AF bifariam
fecari. Cum enim A D, A E xquales fint,
communis A Fieruntduz D A, A F,dua-

bus E A;A Fzquales,alteraalteri,cft verd

& bafis D F bafi E F ¢qualis: ¢ ergo&an- cprep.d.1
gulus D AF, angulo E AF zqualis erit.
Datus'ergo angulus reilineus BACa
re@a A Fbifariam fecatur, Quod facere
oportuit,

Propof.7.Probl.s,

- Datamrectam finitambifariam
, Jecare,
¢ S It datare@a finiea A B,
: qui oporteat bifariam
fecare, Conflituatur fuper
p'latriangulum gquilaterit
D ABC, a& fecetur angulus ;prsp..1,
A CBbifariam re@iCD. Dicore@am
A B,in D bifariam eflefe@am.Cum enim
' - AC,CBzqualesfint cGmunis C D:erunt
duz A C, CD,duabus B C, CDaquales,
altera alteri,& angul®* ACD angulo BCD
zqualis: bigitur & bafis A D zqualis eft b prap, 4.1,
bafi B D. data ergo re@a finita AB in D
fe&a cft bifariam,quod faciendum erat. -
. . B 3 Pro-




e EIBER T ,
: E D,DF,non congraant,fed alid cadane,
bprep.7. 1. yefunt EG,GF,b conflituérur fapereadé
re&aduabusre@is, alizduzre&z zqua-
les, aléera alteri, ad slind atquealind pun.
&um,ad eafdem partes, eofdem terminos
habentes.At non conflituuntur.Non er-
gocongrueate bafi b C,bafi EF,n3 can-
gruent B A,AClateraipfis E D,DF:con-
gruent ergo.quare 8angulus BA Can-
gulo E D F congruet, cique zqualis erit.
Siergoduotriangula, duelatera duobus
lateribus zqualia habeant, alteryim alteri,
habuerint verd & bafim] bafi '/zqualcm,
babebiit quoqs angalum zquialibaslare-
ribus contentum,angulo gqualem.%od

oporwitdemonftrare.
~ Propof 9.Probl.s.. .

Datumsangulumreilinewmbifa--

viam fecares. - -

: <Yt ditus angu-

A . “S_lus r;&ilin%u’s

. : . - BAC,quemo-
: D porteat bifariam

/9 fecare. Accipia-

F - tur quoduis pii-

. \€  &umD. Atque
apropany acx ACipliAD zqualisauferacur AE: 8¢ !
C ) fuper - .
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erdu&am DE, & conflituatar trian- 09,17,
r?lﬁ gquilaterum DEF, & jungatur AF, bt
%)ico angulum B A!Cre&3 AF bifariam
fecari. Cumenim A D, A E xqualesfint,
communis A F;eruntduz D A, A F,dua-
bus E A;A F zquales,alteraalteri,eft vero
&bafis D Fbafi E Fequalis: ¢ ergo&an- cprop.d.e.
gulus D A F, angulo E AF zqualis erit.,
Datus'ergo angulus reQilineus BAC 3
re&a A Fbifariam fecatur, Quod facere
oportuit, _

-~ Propof.7.Probl. s,

DatamreFam finitambifarians
L ecare,
¢ Itdatare@afinita A B,

Je

Squi oporteat bifariam
. fecare.Conflituatur fuper
Al*e 3'\113 triangulum equilaterit

D ABC, a8 feceturangulus 3 P79p.91e
A CBbifariam re@iCD. Dicore@am
A B,in D bifariam effefe&am.Cum enim
- AC,CBzqualesfing cdmunis C D:erunt
duxz A C, C D,duabus B C, CDequales,
slteraalteri,& angul® ACD angulo BCD
. =qualis: bigitur & bafis A D zqualiseft 1, 7. 40
bafi BD. data ergo re@a finita AB in D
feQa cftbifariam,quod faciendum erat.
e ‘B Pro-



aprep.a.r.

b prop11,

cprop.8.a.

ddef e,

2 L'IBFEX L'
" Propol1r.Problg.
Datareitelinceexpunilo in slla deto'
 lincamreélam adangulosreéios .
ducerc. . f
1T data re@a

illa pun&@um C,
oporteatd; ex C,.

< ipfi A B reGam
lineam ad angulos retos ducere.Accipiaw

turin A C quoduis pun&um D, & « po-

naturipfi C D zqualis C E, b c6ftituatur~
que fuper E D triangulum zquilaterum
EDE,& ducatur FC.Dicoad pun&um C
datx refte A B adangulos rcgos effedu-
&Gam F €.Cumenim D C,CE fint ¢qua-
les, FC commauais;eruntdua DC,CF,
duabus E C, CF zquales,siteraalteri: fed
& balis D F, zqualis ot bafi E F: erit ¢ er-
go &angulus DCF zqualis angulo ECF;
& funtdcinceps. d Quandoautemre&a
fuper re@am confiftens, eos quideinceps
funtangulos, aquales fecerit, reGus eft
veerg; 2qualiom angulorum:: re@iigitue

T fumanguliDCF,F‘CE.%red.ngrc&g.
 expa@oinilladito, duaefl :d angulos

rectus; se@a F C. quod facere oportuir, -
. Pra-

AB,datumin:

|
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.+ Propofirz. Probl.y.

7] datam infinitam,apunilo dato

* extraillamperpendicularem
reilam ducere.

R S_l;rdhta;re_&a infini-
ta AB,pun&iiextra

-illam C. & oporteat ad
re€tam datam A B ex

A gpuncto C,quodinilla
L - "nondft, perpendicu-

* larem re@am duceré. Accipiatur ad alte-
ras partes re€¢ AB,quoduis pun&i D,&
a centro Cinteruallo€C Dcirculas EFG
defcribatur , 4 dinidatwique E Gin Hbi-
fariam,du®is re@is C G&? H, CE.Di¢o
quod ad datam infinitamA B, dpuncto
extraillam dato €, perpendicularis dutta
- fit CH. Camenim G H, HE fint 2qaa-
les,H € communis: runtduz GH,HC,
duabus EH,H C zqnalzs, alteraalteri;

apofly.

bprep. 10.3

¢ fed & bafi C G,balis C E,eltzqualisierit ¢ 4o ¢,
d ergo & angulus CHG anéulo' EHE dprop s
®&qualfs;& {untdeinceps.equandd autenh sdef. 10

re&afuperre@i conliflens, eos qui dein-
cepsfungangulos, zquales fecerir, re@us
eft vterque ziqualinm anguloram, & infi
€icins linea ; perpendicularis dicitur civs
R B 4 cui
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cuiinfiftit. Quarcaddatam re@aminfi-

_ pitam AB i pun&o extra illam datq g,
ad=

e def.0,
bdefure,

perpendicularisduacft, CH. quod
cere oportcba:. ‘ o

Propoly 3.-The6,r. G,

Quando lineareciafuper reitom com-
Siffens,angules facit ant dves rer
" Gosyant ducbustelliiaqua- "
lesefficit, -

, E&a enim quadam
2 Ri B, fupérrc@i C D
confiftens, angulos faciac
CBA, ABD, dicaillos,
/ autduosreétos, autduo~
busre@iszqualesefle, Sienim CBAipfi
ABD,cft zqualis,duo are@ifunt,Sinons
ducator 3 pun&o B ipfi CD adangulos
reGos,B E:bergo CBE,EB D duore&i
funt.EtquiaCBEduabus CB A,ABE,
zqualis cft, fiapponatur cgmunis EB D,

~eruntduo CBE, EBD, tribus CBA,

A BE,EB D &quales. Rurfusciiangulus
DBA,ducbus DBRE,EB A:qmlisﬁt,
fiaddaturcomunis ABC;eriitduoDBA,
ABCtribus DBE.EB A,AB Czquales,

Qﬁ‘n!

!
’
+

1]
)



Oftenfum eftautem&duos CBE, EBLD .
ijfdem tribus, zqualeseffe. ¢ Quz autem S4wH
cidem funtzqualia, & inter fe junt 2qua~
lia s duoigitur CBE, EB D zqualesfunt
duobus DBA, ABC:fed CBE, EBD
re&i funt : igicur D BA, ABC duobus N
re@is zquales, Si igitur redta fuper re@3
confiftens,angulos facit,autduos retos,
aut duobus re@iszquales facit. Quod o~
portuis demonfirare, -
PBropofitio 14. Theor. 7.
Si adrectam aliguamlineam, atque ad
untum inilla datum, due'réGanon
ad eafdem partes ducie angulos, qui
Aeincepsfunt,duobus reciis aguales
Jecerint, in direcium erunt
. , ille linea.
Dretam A B, &ad punGumin illa
datum B,duz re@2B C,BDnonad
eafdem partes pofitz, faciantangulosde~
inceps A B C, A B D,dugbusreis 2qua-
les. Dico B D ipfi CB in direGum cffe.
A QuodfiBDipfiBCnd
ficin direQum, fit BE,
gum igiturre@a ABre-
z CBEinfiftat, #criit g ppn. g0
anguli. ABC, ABE bt
B dug=




boox.3.

€Cas. 3,

K
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. véuobus re&is¢quales,Sunt very& A B C,

A B Dduobus re@is zquales: anguh igie
tur CHA, ABE funt ahgulis CBA,
A BD,zquales. CommudisA B Caufc-
fatur : b rehqu\xs ergo AB Ey reliquo
ABD eft zquah§ » inor maiori, ¢ quod
fieri nequit. Non ergo BR in dlre%tum
¢ftipfi B C. Sintliter oftendemus nullam
dliam cffe, przter BD { in dife@um erjzo
¢ftB D, ipfi CB. Siergo ad'rectam, & ad
pun&umin e, datum duz're&z non ad
§aldem partes pofitz, angulos qui dein-
ceps funt,duobus re&is zquales fecerint,
indire@umerunt 1[-; duz lmez quod de~
mopﬁrarc opottuxt ,

Propoﬁuo 1s. Thcor 8

Siduareciafeinnicemfecuerint,angu-
" Ia.r Ad wrtmm aquale: '
e fmmt Lo
E&z AB,C D,fecent
P Rﬁ: in E pun&o. Dico
qaod tam angulug AEC,
anguloDEB,quan CEB
/15 \ Bangulo AED a‘qﬁalls fic.
CumenimreGa AL !‘e&g

o C Dlnﬁﬂaﬁfacm angulosCE A,A ED:

&G dcrunt

S

- A
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sernntipfi duobus reétis zquales.Rurfus
cam re@a DEro&z A Binfiftat, taciens

ai{gukié AED,DEBJerunt&ipfiduoy
bus retis zquales. Oftenfi anrem funt &
CEA, AED duobus reftis zqualess . - -

Quareduo CE A, A ED,duobus AED,
D E Bzquaales funt. auferatur communis
AE D ergo reliquus CE A, reliquo
BE D ¢quabiseft.Pariter oftéderut CE B,
D E A zqualcs efle. Si ergoduz re@zfe
inuicem fécuering, facient angulos,quiad
verticem fant zquales.Quod demonfiras
‘r¢ oportutt. o '
_ Propofitio1¢.Theor.g.
Ossnis trianguli vao latere producis;
- exvernus angulus virolibet intermo

© - Croppofitommioreff.

A - ¥ ~SIt trianguli ABC,
A ?& voum ipfius latusg
B C in D producatur.
‘Dico angulum cxter-
B [_p num ACD maiorem
A - effeinternis & 6ppofi-
tsCBA,BAC.« Bi-
. i’ * fecetur ACinE,& du~
~ /P . :&aBE producitur in
’ ) 4 ‘ F) ﬁ["'

apropatg.i,
bpropatinie

o d

aprop.ra.g
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F, fitque ipfi B E zqualis EF, iungatur,
.- CF&producaturACin G.Etquia AE
ce . ipiECeftzqualis; erunt duz AE,EB,
‘ duabus CE, E F zquales, alteraalteri; &
hprop.ag.r. angulus A EBiangulo F E Ceftb zqualis,
cprop.¢.1. funt enim ad verticem : ¢ igitur & bafis .
AB, bafi F C zqualis erit, & triangulum
ABE triangulo FE C; adcoque & reli-
qui anguli reliquis, alter alteri, quos z-
qualia {ubtendunt latera : Erit igitur &
angulus B A E angula ECF zqualis; eft
dex.s.  dautem ECD mator,quam ECF: Ergo
& A CD maioreft quam B A E. Parimo-
dofe&o BC latere bifariam demonfira-
biturangulus BCG, hoc eft, ACDma-
ior efleangulo’A BC. Ompisergotrians
guli vno latere produ&o externusangu-
lus vtrouisinterno,& oppafito maior cft,

quod oportuit demonitrare.

.+ Propofitio 17.Theor.10.
Omnis trianguli due anguli duobus re-
" {Fuminoresfunt , quomodocun.-
L quefumpti, v

S A SI: triangulumABC,

Vo . . Dico duos eius an-
. ulos miroresefleduo
Bﬁus reis quomodo-

cunque
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¥docunque fumptos. Producatur BCin
D. Exquiatrianguli A BCangulus ACD
‘externus , 4 maior eft interno & oppofito 3pr#10.%
ABC. Si communis apponatur A CB:
erunt ACD, A CBanguli,maiores ABC,
BCA angulis: Scd ACD,ACB Jdduo- bpropuszete
ibusre@is funtaquales: Ergo ABC,.BCA
minores.Similiter oftendemustam BAC,
ACB, quam C A B, AB C duobus re&is
‘effe minores: Omnis ergo trianguli duo
anguli quicunque duobusretis fyntmi-
- “nores, quod oportuitdemonfirare. !

‘Propofitiot§. Theor. 11.
\Omnis triangsli maius latws maiorem

_ angulumfubsendis, - . ...,
“A SRR 'SlttriangulumABC
T .~ Jhabéslatus A C ma>
> D ~iuslatere AB. Dico& 1" s
T ¢ angulum AB € miio-

S ‘rém effeangulo BC A.

- Quia eniin A'Cmaius eft; Guarii A B; fiat
ADipiA lequalis :& ducatur BD. Ex
#quia trianguli BD C externus angulus ;000100
A D B, maior eft interno & Opp%ﬁto prpitn
D CB.& b zqualis angulo AB D, quod bprep.gute
latera A B, A D zqualia fint, maior ergo
. ctiam
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etiam el AB D quam A CB: multo.ergo
maiorerittotus A B C.quam AC B. Om-

« t . pis ergo trianguli maius lagus, maiorem
angulum fubtendit.

Propofitio 1 9. Thcor 12
Omnis trianguli maior angula masors

- Inren/u&tend:mr B
; - it tnangulu AB
e A S habensan gulum
1} ‘ , ABC maiorem ans
B guloB CA.dico &
- iams A,C maias cfle

latere AB S: nonterit AC i ipli AB aut
kqualc,aut minus. Non' zqualé. Siepith
pprop. 51 zquale, ‘s effer & anguius ABC angulo
A CB zqualis: at nop cft: ergo A G 2-
ale nop cﬂxpf 1A D, Non minus:nam
5,,-,,,,”,2 AC minus. cfley _gpam A8 ,/eﬂ'qb&
angulus ABCmmor angulo ATDB; ae
noneft:mon ergo A Gminus cltiplo AB.
Oﬁenfum Jutem cﬁ,qudmcgqualc.a-

go maius. Omnis ergo ariapguli ma- |

o 1orlangulgmq1uslatus .
Py Py .

ce fu enditor., .

REFISIS DU IR Al o Coar

L ) ~: . N . :l i ‘;- . .

o4 ’r°'
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Propofmo 20. Thcor 13, '

OImm trungult duo latera reltguo ma-
wra /imt gaomadocumqnu :

/im:pta. ’

Slt mangulu ABC

dicoduolateraBA,

~ A C, maiora cffe reli-
quo BC;&AB,BCreli-
& quoA G;& B C;CA re-
< ... liqua AB.Producatur
enim BAiin D ﬁtquc re@aDAipGCA

zqualis, &iungatur D C..CunvergoD A
ipfi A Cfitzqualis, erit& angulas AD C,
anlgulo A CD zqualis. Sed#B.CD an~ 245 &

ulus maior eft angulo A CD;; xpaior.er-
gocmmeﬁ BCD,iploADC. Etcum . ., oy,
D C Bfr triangulum_habens angulum
B CD maior¢m. angulo A D C, ¢ maios b?"? v
rem autrﬁ;angulum majus:latus fubsens ey v
dat ; erit D B majusiplo B.Q:zquale aus
tem cft DB ipfisA I, A Cymaiotacrgo. .3
funt B A, AC, quam B, -Oniis crge
: erignguli duo latera reliquo. mio-

. nﬁmt , quomodocunquc -

fumpta :

Pl'Og‘
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Propofitio 21. Theor.14.
Si & terminis vniss lateri trimgufi

due recle intra conffisuantur , érunt

ba minores religuis duobus triangul
Iateribus, at maiorém angulum
continebunt. .

terminis lateris BC

trianguli A B C con-

flituantur duz re&tz BD,

CD intrs. DicoBD,DC

reliquis trianguli lateribus

B €BA, AC minores effe;ae
sngulum B D Cmaiorem continese,an-

guloBA C. DucaturenimBDinE. Ee
aprop.as,1, #quiaomnis trianguli duo laters reliquos
maiorafont: etunt & trianguli ABE , la-

“ % .. teraAB, AE maioraBE latere. appona-
bars. tor communisEC,deruntquéBA,AC
maiofa ipfis BE,EC. Rurfus'trianguli
sprop.20,1. CE D latera CE, E D ematorafuntlate<
re C D,communisappenatur DBserunie~

que CE,E Bmaiora 1pfisCD, DB: Sed

. BA, AC maiora oftenfa (unvipfis BE,

E C;multoergo AB, A C maioraerunt
dproprea.iplis BD, DC. Rurfus, quoniamd om-
' nis trianguli externus angulus interno, 8¢

oppo-

'
)

|




oppoitociimaloln, LIl tanguil Lo o
externus BD C, maior interna CED,
Eandemob cenfam erit trianguli ABE,
externus CE B, maiorinterno B A C:fed
& B D Coftenfus eft maior, ipflo CEB:
soultd ergo maioreft BD C,quam BAC,
Quare. {i d terminis, &c. quod oportuit
demonftrare, . D
Propofitio 22.Probl.8.
Extribusveclis , tribu dasss reltis a-
gualibus,triangulomciftitucre. Opor~
st antem dias, reliqud maisres effes
gquomodocumque [umptus. quod omnis.
- griangnli dwo latera religno me-
forafint,quomodocung, .
. ( L famantur. '
Int tres re&tz, A, B, C, quarum duz
-7 quomodocung; fumptz reliqua ma-

jores fint,vt A, B,quam C; A, C quam Bs
B,Cquam A. Oporteatautem ex tribus,
- tris

RSN
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basfis,

Can.I,

ddofas.
sax.t.

Y

%4  LIBERTL
tribus A, B,C, zqualibus trisngelah ¢5- -
flitucre. Expofita fit re@a quedam D E,

termioata ad D, interminataad E; fitq;e
DFipfiA.FGipfiB;ipfi Caqualis fala
G H. Defcribatar eentro F, interualio®
B D, circulus DKL: Centroverd G, in-
téruallo G B, circulus KL H s iungancur-’
que FK, KG. Dicoextribus FK, K G,
G F zqualibus tribus datis A, B, Cerian-

gulum FK G effe coftitutum. Cum enim,

. Feepuum fitcirculi DKL, beritFD2- .

qualisipfi F K; fed F D eftzqualis ipliAs
cergo& F K, eritzqualisipfi A.-Rurfuscit
Gfit centrii circuli LKH d erit GHequa-.
lisipfi GK; fed G Haqualis eftipfi C:o e~
rit ergo & GKaqualisipft C: Eft verd &
FG zqualisipfi B. Tres ergo KF,FG,GK
uales funttribus datisA,B,C. Quare ex.

- thibusKF, FG,GK, z%ualibusvtribus A,

B;C triangulum cft conflitutii. Quodfa~
cereoportuits -
' Propofitio 23.Probl.o.
Ad datams reiam, desumg,in s pus.-
étum dato anguloreciilinec,aqua-
.. lem angulumreitilinenm
o eomflisneres,
Ll W



. L -
“LYRER K 44
Sﬁ darare@®a AB, datiiq; ineapun&id’
A ; datus angulus re@i'ineus DG E,
Oporteat-autem-.ad pun&um datum A,
datz re@z A B, dato angulo reétilineo
D CE zqualem angulum reétilineum
conflituere Gapiantur in vtragqué CD,
C e . CE quzlibet
A pun&aD,E, &
iungatur DEt
. - & arq; extribus aprepasty
G = ipreis, quie -
v * quales fine tri-
oo T busCD, DE;y
E C, triangulim AF G conflituatur :ita
vt C D zqualisfitipi AF;CEipi AG}
DEipfi FG.Cuthergoduz DC,CE »-
quales fint duabus F A,A G, alteraalteri;
?u verd & bafis DE zqualis bafi FG; b erit bare: LY
- Bangulus D CE gqualis angulo FAG.
‘Quarcaddatam ream AB, datutnqucin
‘ea punftum A, dato redilineo angulo
D CE, zqualis angulusceQilincusF A G
sftconflitutus, Quod oportuit facere,

. Propofitio 24.Theor.15. -
Sidwo trianguls duo lateraducbusle. =~
teribus aqualia habuering, alterum al.

T Ca berit
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seri; angsulum vero angulo meiorems,
qui agaalibe reclis limei contin
wernr, G bafim.bafimaion .
- yembabebunt.

QTot trian<

A D
o S *+ gl ABCY
. DB‘F.haben-
BL o T&—1>G tia duo latera

L ¥ AB,AC)d“O'
bus D E, D Fzqualia,alterumalteric A B
quidemipfi DE; ACveroipi DF. At
angulus B A C maior fit afgulo EDF.
Dico & bafim B Cmajorem effe baG EF,
Cum enim angulusB A Cmaior it EDE

e prop.33.8 angulox con ituatur'ad"[\iiﬁ&um D,r"cj‘-

&zD Eangulo B A C,zqualis EDG; fit-

que vttique A C,DF zqualis DG, &fiun-

gantur GE, FG. Quiaigitur AB ipfi

DE, & ACipfiDGzqualiseft ; crup}

dux BA,A C,duabus ED, D G 2quales,
alteraaltcri; eftque & angulusB A C, an-

bprep.4. 1. énlo E D G zqualis: bent igitur & bafis
' C.bafi EG zqualis.” Rﬁfﬁ)s quiaDG
eprop.sie ip D Ecftzqualis,& ¢angulus DFG an-
daxy. gulo DGF; deritangulus D F Gmaior
angulo EGF: multe etgo maior erit
EFG,iploEGF. Et'quiaEF G trian-

* , gulum
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gnlum eft ,habens angulum EF &G maio-
remangulo E G F (¢ maioriautem angu- ¢ smp.1p.1;

1o maius latus fubtenditur ) erit & latus

"EG maiuos latece EF ¢ 2zquale autem cft .
'E Gipfi BC: maius crEo eft & BC.ipfo
EF.Si ergo duotriangula,&¢.quod opor-
tuit demonftrare. -

Propofitio2 5. Theor.16.

Siduo triangula duo latera duobus la-
sersbus aqualia habuerint salserum al-
2eri, & bafim bafimaiorem, & mgv.
lum mgalo,qm cgultbm laters-
bus continesur masorems

babebuns. .
R % i Sintduotrim' -
, : 1aABC,DEF
' guoll,z:cra AB,AC,
) uobus DE, DF
E—F babétia gqualia,al-
temm alteti,AB xpﬁ DE,&A C ip1 DF:
* Bafim verdB Cmaiorem bafi EE. Dico
&ang ulum BACangulo E D F maiorem
effe. Sl nonsut ¢qua¥u eft,aut minor. N8
zqualis; Nam fi angulo B-A C,angulus
ED quualu eflet,aeflet 8 bafis BC,ba- aprep. 4, 1.
GEF :qnahs at.non cft; non ergo an-
C3 gulus
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golusBAC anguloED F citaqualis. Sed
jprop 044 DEGUE MINOr: DAM fi minor effet,beffer
' & bafis BC minor bafi EF: at non eft:
. noonergo angulus BAC minos cftangu-
lo E D F.Demonftratum cftautem,quod
y BeC gqualis : maibr ergo erit, Si ergo duo
triangula, &c. Quod demonftrare opar~
tuit, : ~ .
‘Preepofitie 26. Theor.x7.
Si duo triangula duas angulos duobus
ar;nlis agquales babuerint, alserum al-
ters, b unum lasus vnilaveri equale,
Sesi u0d aqualibus angulis adiacet; few
guoduni equalinm angulorsm fubten-
ditur s &rreligua laterareliguus lasers-
- ks alterum alserisgrreliquum n-
- gulumreligioangulo,aqualers
7 habebsms. . |
A D Intduo -

G
; \\ triangu-
A\ A---;h ABG,
3 < 'E F ’ D EF,d“o‘
angalos ABC,B C A,duobus DEF.EFD
zquales habentia, altcrum alteri, ABC
quidem ipfi DEF,& BCAipfi EFD:ha-

beant verd & vaum latus vai latc.fi*‘l“l“
. , ey
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le. Et primo quod zqualibus angulis ad-
iacet, g\cmpe% CiphREF. Dicog:;::d X
reliqualatera,reliquis gqualia habeant,al-
terum alteri,A B ipfi D E. A Cipfi DF,&
reliquumangulum BAC reliquoEDF.
Quodfi AB,DE inzqualia fint; vonume-
ritmaius. Sitmaius A B: afiatq; ipfi D E aprep.s. 4
zqualis G Blinea,& ducaturGC. Cum
igitur tam BG,DE; qui EF,BCzquales ~ - 2
ot; eruntduz BG,BC,duabus DE,EF
zquales,alteraaleeri; & angulus GBCan,,
EzloDEquualis:b eritergo & bafis & C borp- 8.
afi DF zqualis,& trianguli GC B ltl’ia;l-
lo D E F zquale,reliquiqueanguli relie
g:is.altcr altg'i_.quibusngéalia latg:ra fub-
tenduntur. Quareangulus GCBxqualis
erirangulo DFE:fed & D FE ponitur 2-
qualis ipi B C A s eritergo B C G 2qualis
ipiBC A, minor maiori, quod fieri ne-
quit: ng ergo AB,DE inzquales funt: cr-
o zquales. Eftveré & BCipE F zqua-
is:dus cr?o AB,BCzquales funt duobus
DE,EF,altera alteri,&angulus ABC an-
gulo DEF:cergo & balis ACbai DF.& cgup. 4.7
relia?uns angulus BACreliquoEDF2-
qualis erit. Rurfus fint latera zquales an-
gulos fubtendentia, AB,DE zqualia,dice
& reliqua latera,rs!iq\\ﬁs lageribus,vt AC,
P C g4 DF,
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DF,&BC, EF, reliquumque anguluni
BAC,reliquo EDF,zqualem effe.Sienim
BC,E Ffuntinzqualia;erit voum maius;
dprop3.1. fit (i fieri poteft,maiusBC, 8 dfiatiphi EF -
gqualisBH,iungaturg; AH. ErquiaBH
ip(i EF; & A Bipfi DE 2qualis eft: crunt
uz AB,BH,duabus DE, EI; zqualc:,al-‘-
. teraalteri, continentq,angulos zquales ¢
LHE"  bafis ergo AH,bafi l§ F cl% zquali‘i,& tri-
angulum ABH triangulo D E F,reliquiqs
N anguli reliquis,alter alteri,quibus zqualia
. latera fubtenduntur, @qualeserune, Eft
igiturangulusBHA equalisangulo EFD?
d EFD zqualiscftangulo B C A:eriter-
go & BHA zqualisipfi B C A. Trianguli
- ergo AHC externus an(gulus BHA zqua=
fpr.16.1 Jig oft interno & oppofito B C A,fquod
fieri nequit: igitur BC,E F inzqualesnd
fuat; equales ergo. Cumverd & AB,DE
fint gquales:ctunt dug A B, B Cduabus
DE,EF zqualesaltera alteri L x ualc-cﬁ};;e'
“angulos continent: g ergo & bafis AC ba-
srpprr fi l% F zqualis eﬁ,&'fri'aggulum ABC tri-
- anguloD EF, &rcliquus angulus BAC,
teliquo EDF. Siergo duo, & -
“Quod demonfirare opor-
-‘ portuit, -
.o
co Pro~
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~ Propofz7, Theor.;8.
Siin duas rectas lineas veclaincidenis
4ngulo:altcrno: dquale.r fecerit,pa-
ralleleerunt ille linee.

In duasre@asAB,
CD incidensre-
, » 4% QaEF faciat angy-
losalternos AL F,
EF D zquales. DicoA B, C D paralletas
effe.Sinon; produte concur: ét, aut ver-
fus partes B,Djaut verfus A, C: produci-
tur, & concurrant verfus partesB,Din Go
# Eftitaquetrianguli GEF angulus ex- apropid.s
ternus A E F maiorinterno, & appofito
EF Gifed * & aqualis; quod fieri nequit: » oy 5ysq.
nen ergo A B, C D produ@z concur- siefr,”
ruat verfus partesB, D, Pari ratione de-
montftratur, quod nequead partes A, C:
¥ quzautem in neutram partem concur- besfza.
runt, parallelz funt: parallelz erga fung
AB,C D:Siigitur;&c,quod opar-
tuit demonftrare. ’

2R

C 5 P}’OJ
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Propofi28.Theor.19.
"Siin dqﬂ reclaslincas rectaincidens,
angulum extanuminterno,& oppofi- -
20, adeafdempartes, aqualé fecerit:
velinternos ,(r adeafdempartes duo-
busreclic agnales,parallelacrans
ilelines. .
N duasre&as AB,CD
incidensre@aEF, ex~
=8 — ternumangolumEGB,
interno , & oppofite
' F GHD zqualem faciar:
sutinternos, &adcafdem partesBG H.
G H D duobus re@is gquales. Dico A B,
_ C Dp:.;allelas e(‘fe. CumenimEGBan-
% oz bope. L0IUS, ¥ Zqualisfit,& anguloGHD, « &
,;,':a.”. §n gulo AGH; b erit &g‘: GHa2qualisi-
sprop 5. pfi G HD. ¢ & (untalterni: parallelz er-
basr.  oofunt AB,CD. RurfuscumBGH,
@79p-27-1: G H Dduobusretis fint zquales; 4 fing
droputste | em& A G H, B G H duobus re@is 2-
qualesserunt AGH,BGHipfisBGH,
GH D zquales: communis BG H aufe-
saxy.  rauriecritigiturreliquus AGH, reliquo
fprep.a7.0. G H D zqualis:f & funcalrerni:funt ergo
AB,CD parallelz. Siergoin duasreQas,
&c. Quod demeaftrare oportuit, p
L ‘ fo-



Propof.29.Theor.ze.

Relta in parallelas retas incidens &-
gqualesfacitangulosaltersos: & exter-
~mum istesno & oppofito, O adeafdens
partes aqualem: Grinternos & ad
cofdem partes duobus reitu
aqualesefficie.

n paraliclas seQas AB,
ACDre&®a EFincidar.
Dico quod & alternos
angulos AGHGHD

N xquales faciat ; & exter-
aumE G Binterno,& oppolito,&ad eaf-
dem partes GH D zqualem;& internos,
& ad eafdem partes BGH, G H D duo-
‘bus re@is zquales.Sicnim AGH,GHD '
‘ingquales funit, vous illorum A G H fic
maior + & quis A G H maior eft qusm
GH D,commupisaddatur BGH.Hier-

-go AGH, B G H maiores funt his BG H,
GHD;afed AGH,BGHduobusre- aprep 1340

‘Gisfunt equales : ergoBGH, GHD
ducbus re@isminores crunt. & Quzau~baw.sss |
tem 3 minoribus quam duohus re@isin

‘infinitum producunturlinez re& ., con-
‘curruntzergo AB,CD iniqﬁnicu:g Pétq-

. \1) a
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du&z concurrunt: at non cancurrunt;
parallele enim funt: ergoangui AG H,
G H D, non funtinzquales: igitur zqua-
eprop.15.1. les Porrd ¢ AG Hangulps xqualis eft an-
" gulo EGB: Ergo& EGB zqualis erix
angulo G H D : communis apponatur
BGH:ergo hiEGB, BGH, zquales
funt hisBGH,GHD:d{ed EGB,BGH
dpropr3.1. fane zquales duobus reis erantergo &
B GH,GHDduobuste&is 2quales,R e~
&a ergoin parallelas,&¢c.. Quod opartuie

demonftrare, A_

| Prbboﬂ 30.Theor.21.
Quecidemrellafint paralele, & ik
terfe untparallele.

17643 ' [t vtraq; ipfarum
¥ g OAB,CDIipEF
c%‘.b paralicla. Dico& A
o B,CD eflcparallelas.
Jncidateniminipfas re@a G K. Erquiain

. retasparallelas AB, E'F re@ta G Kinci-
dit; # eritangulus AG H,anguloGHF
zqualis. Rurfus, quisin parailclas reGas
bprop.ads EF,CDcditre@a GK,berit & angulus
G H Fzqualisangulo GK D;oftenfus eft

autem & angulus AGK angulo GHF

: Zqua-

spripat,



et S

J *).
aqualis: ¢ ergo & angulus A GK zqualis ., ,.

aitangplo GX D:& funtalterniz d crgo dprep.sp.s,

AB,C D funtparallelz.Ergo quz cidem,
&c. Quodoporgitdgmonlirare. - .
Propof;31.Problio.

Perdunmpunitum dateveitalines

© o parallelsmduceres, i
1A 5 Xdato punia A,

v oA DatzreGz BCoo-

porteat paraflelam du.

By SO " ’ ! ,
P Lot Accipiatyrin BC

quoduispan@umDsiugganturgueA,D.

48 ¢onfltuarurad A punGunpre(teD A aprop.ag.0,

angulo A DCzqualis DA E, duca turg;,

duasre@as BC, EF re@a A D incidens

ip{i A EdndirecQum AF. b Quia Crgoin bprep,ay.r:

angelos alternos, EAD, AD Cizquales
facre, erunt B G, E F parallelz.Perdatum

ergo punum,dic. quod facere oportuits

= .. Propof.y2.Theor.g2.
Omnis trisvgull Voo latere producto,
externus sngulu, duobwm inteross , &
- oppofitisest aqualis; & tresinterni

duobusreitis fums agnales.

Qlttriangulam AB C, & vhum cius fa-
tus B C producaturin D. Dico anlgu-
um

Y
BN

\ A
.
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A lomexternum ACD
iy . #qualem effe duobus
" internis; & oppofitis:
- 'CAB,ABC; &tres
€ DinwrousABC,BCA,
aprpp.1, CABdusbusreltiszquales. # Ducatue
per Cipfi AB reQa paraliela CE. Quis
bprep 37a ergoin A B, CE parallelas cadit A C; 6 e-
runt anguli dlterni BA C,A CE ¢quales;
Rurfus quia A B, CE parallelz foat, & in
sprepads. iplas caditre@a B D, & efit Eg&f’n\fii&i
golus E C Dizqualisinterno,&ppofito
_ ABCoftetfuselfaneiti & ACE 2qud+
T s B AC. Totus érgo A CD #qualis €
ducbiss internis,& oppofitis BA €,ABC.
Apponatur cotnmunis A C Br7'8:cfunt:
A CD,A CB zqualestribusABC,BCA,
dprp 370 CAB: o {fcd A CD,; A CB Zquales{une
duobusre@istergo & A CB,CBA;CAB
gqualeslunt duobusre&is.' Omnisergo
trianguli&c.Quod oportuit demBirare,
. Propofi33:Theori2s.. .
Linewrelta, yoa zgwl:: Crparadicias
lineas adeafdem partesconsumguns &
 iplaxgualesfunt,Grparablele.
QIntzquales & parallel¢ A B,C D.easq; |
ad caldem partes coniungant reGz
¢}

:
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, AC,BD. Dico & ipfas
A BA C, BD parallelos 85 z-
‘ quales effe. Docatur eniin -
' C. Quoniam AB,CD
€335 D parall(ellz’lunt » &in ipfas
incidit B C;'4 eruntangulialterni A BC, aprop 170
BCD zquales. Et quia A B,C Dxquales
funt; communisaddatur BCj erunt dug
AB,BC,duabus BC, CDzquales, efiq;
angulus A ‘B C'angulo B C D zqualis, -
b Quare & bafis]A C, bafi BD zqualise= g yryp, 4.,
rit, & trisngulum A B Ctriamgolo BCD;
& reliquianguli reli?,uis s aleeralteri, qui-
bus zqualialatera fubtenduntur, zquales
erunt. Eftergoangulus A CBangulo 05
CB Djzqualis.Etquiainduasre&as AC,
BDincidens reta BC, facitangulosal-
ternos ACB,C B D zquales;e crunt AC, eprapiapus
BD parallclz: oftéfe antem funt & 2qua-
* les. Ergo linex re@=, quezqua- -
;. les, &c. Quodoportuitde--

v g

) monftrare.
: ¢'. A P> P
A ' g o

Pro~
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"Ifréipbﬁ 34.Theor.24.

Parallelogrammorwm [Baciorum, ons

ex aduerfo G latera, & anguli, funt
inter fe aqualia, cague dia-
C o metrushifecar.. >

Es;b_p;;’melogmmmun‘i ACDB
L_+diametrus B €. Dico parallelogram- -

mi A CDE, guzexaduerfo,latera&an-

1. gules,zqualia effe; caq; diametrum BC.
. A ' @ bifafiamfecare. Cume-

: » nim AB,CD parallélz,
aprepag . fiat, & in i_{)(_'ais‘i,nclidit ’
rp27 ¢ R : * BC; acrunt anguliale’
I D- ‘ terni ABC, BCDgzqua-
les. Rurfus cum A C,B D{igt parallcle, 8¢
bpropazroinillasincidat BC,b eriie & angulialterni
ACB;CB Dzquales.Duoergotrianga-
la A.BC, CB D habeat duas angulos
ABC,BCAducbusBCD,CBD -
quales, alterum alteri, & voum latus, vai
lateri, quod adiacetangulis zqualibus, v-
cprop.26.s. trique commune B C. ¢ Quare & reliqua
latera réliquis,alterumaleeri, & religuum
angulumyeliquo, zqualem habebunt. 2-
quale ergo eftfatus AB lateri CDi& A C,
ipfi B D; & angulus BAC anguloBD g
t

»
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Etcom tianguliAB C,BCD,quiCBD,
A CBzqualesfint:d erit& totus ABD, dexis,
toti A C D 2qualis. oftenfiscftautem &
B A C xqualis B D C: Parallelogrammo-

rum ¢rgofpaciorum qua X aduerfo, &
latera, & anguli, inter {e xqualia funt. Di-

co&diimetrymilla bifariam fecare.Cum

esim A B,C D equales,& B C communis
fitzerunt duolatera AB,BC,daobus CD,

BC zqual:a, alterum alteri; & angulas
A B C zqualisangulo BC Di¢eritergo & eprapq s, -
bafis A Cbafi D Bzqualis; & triangulum "
A B Ctriangulo BCD. Diametrus ergo

BC, parallclogrammum A BCD bifa-

riam fecat, Quodoportuit demontfirare, .

Propof.35.Theor.z 5. :
Parallelogramma.in cadem bafi; &rin
iifdem parallelis conflituta, inter
R fefunt aqualia.
SVnto parallelogrima A BC D,EBFC
inbai BC,&in parallelisAF in BC¢5-
fticuta. Dico ABCD gqualeeffeipiEB -
FC.Cumenim ABC g parallclogram.
mum figserant BC,AD, zqualcs:egn- apropssn
dem ob caufam E E, B Czqualcs erant:
bvnde XADipAi EF gqualis erit; & com- ber.s
T N munis
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A D E ¥ muniseﬁD;E:c’

grgototaAE,to- -

25 ti DF 2qualiseft. .
Tax.r, B - .Eﬂ d "“.‘5-&““
dprop.34.1 ipi D'Czqualiss

dugergo EA,AB,duab’ FD,DCzquales .

.19.1 funt,alteraalterisfed & ¢ angulus,F D C
e angulo E A Bzqualis eft, externus inter-

fprop.g.t. nO:f quare & bafis E B bafi F C zqualis -

erit;& triangulum E A B triangulo FDC.
get3: *“ Commune D'G E auferatur;& erit greli-
quum trapezion ABG D,reliquo EGFC

zquale;Apponatar communis GB Ctri-
har.z.  angulus: b totum ergo ABCD parallelo- -
’ grammum, tott EBF Czqualeetitzergo -

paraliclogrimain cadem bafi, &c. Quod
oportuitdemonflrare.”  * *
‘Propofi36.Theor.26.
Parallelogrammain aqualibusbafibus,
Griniifdemparallelis conflituta,in-
© terfefunt aqualia. .

SVnto parallelogramma:ABCD, EF :
, G H fuper zquelibus bafib®, BC,FG; :
o - &iniifdem parallelis A H, GB-conflitu=~ :
tz.- Dicoilla¢fle zqualiaiungantur enim -

" BE,CH. QuiaenimBC, F G, zquales ;

funt:



. >
o 2
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_A_ ‘D E A fung eﬂqueF G
qualis ipfi E H;
% d/\ aerit &BCtpﬁE awnr
Hzqualis:5 funt bprep.gz. 00
B Q F G vetd & paralle-
lz, confunguntquefipfasre&z BE, CH. cprapasuns,
¢ Quzautem zquales, & parallelasad eal-i -
dem partes conlungunt,equales,d paral- i ¢+«
lelz funt: %_gchB , CHzquales, & pa- ¢rop.15.2.
rallele funt:dergoEB CHeft parallelogri '
mum;cflquezquale ipi'ABCD
eandem cumillo bafim B Chabens; &in
iif{dem parallelis BC; AH conflitutum; | . b
Eandemob caufam EF G Heidé EBCH sonn
cft zquale. e Quare & AB C D parallela- -
grammumzqualect EF GH pmlkclnw
grammo.' Ergo parallclogramma y &e.
uod demonltrareoportait.

Propof 37.Theor.27.-

T riaxgula sfuper cadem bafi éw s
dem parallelis conflisnta, irzter/é
wroee o fantaqualia,
" Vato triangiala ABC, DCB fupcr ea-
Jdem bali B C; & in iifdem parallelis,
AD,;BC con{’ututa. Dico triangulum:
A B C zquale effe trianguloD B C, Pro-

dncatur AD v;xmq,ad];i.& F;a &Pe‘é ?‘.ﬂop e
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A _D ipfi CA.perC ve.
‘ roipfi B D,paralle-
% s leducitur BE,CF,

Virumg; ergo EB
b arop.32.1 lelopramma eft:b funtd; 2qualiasquippe -
g in ug;cm bafiBC; & ig iif:ilem pfull[:fis |
eprop342 BC,EF conflituta, ¢ Eceft parallclogram.. -
. mi EB CA,dimidium triangolum ABC;
diametrus cnim A B ipfum bifecat: Paral-
llogrammiverd DB CF, dimidiumeft
. triangulura DBC; nam diametrus DC
deny,  ipfum bifecat.d Quzaut€ zqualium funt -
v (Emidia. Bipfafuntaqualia. Trisogula:
ergo fuper eadem bafi,&c. quod eportuit .
demonftrace. . . o

Propol.38.Theor.28.
Triangulafuper aqualibws bafibw s &
iniifdem parallels conflitutasinter .
. Jefunt aqualia. |
Vate triangula. A BG, DEFE fuperz-
2 qualibus bafibus B G, E F; &in infdeny
parallelis B F,D A conftituta.Dicoillaefs
fe zquslia. Producaturenim A D verings.
aprop. i, 348G &H.a Acq; pee B, & Fducanturipfis, |
e - CA,DE paralleleBG,FH,critg; virumqg,
S GRBCA,
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P HGBCA,DEFH

g A ; '
parallclogrammii ,
VAvA‘ b Ec fu;n:' 2qualia by 304
uippefuper gqua- '
B CE F fgbuipl:aﬁbus EC r

EF, &iniifdem parallelis B F, G Hcon-

flituta, ¢ eftquetriangolum A B C dimiv cprop.3¢.¢

dium [paraliclogrammi G BCA; ipfum

.enim diametrus A Bbifecat ; Et triangu-

lum FED cftdimidium parallclogrammi

DEFH;e nam &ipfum diametrus FD bi- cprop.z4.2

fecat.  Qux autem zqualium funtdimi. 4457
dia , &ipfafunt zqualia. Trianguli igitur

ABC eftzqualetrianguloDEF. Qua-

re eriangula {uper zqualibusbafibus, &c.

Quod oportuit demonftrare.

Propof'39.Theor.29. \

T; riwgulz equaliafuper eadem bafi, &
adeafdem partesconflituta,iniif-
dem funt parallels,

: SVnto triangulagqualia ABC,DBC

fuper cadem bafi B C canftireta, Dico

illa in iifdem effe parallelis.” Du&3 enim
AD,dicoillam efle parallelam ipfiBC. Si .
non, # Ducatur per A ipfiB Cparallela A aprop. 1.,
E: iuncs igitur EC, J erit'triangulum baropss.i.

: . Ds  "ABC
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A D A BCaqualetriangulo
7 EBC; funt enim fuper
eadem ba(i B C, &iniif-
v . demparallelis B€, AE.
gaxr . B39 ¢ Sederiangulo ABC 2-

quale ponitur triangulum DB C. ¢ erit !
ergo D B Ctriangolum zqualeipiEB.C
‘triangulo maius minori, quod fieri ne-
quit: noncrgo AE parallelaeftipfiB C,
pari modo demonftrabimus quod nulla ‘
Y aliaprzter A D. Suntigitur AD, B C pa-

o zillele, Quare triangula 2zqualia fuper
cadem bafi, &c, Quod oportuit demon-~
ftrare.. - .

- Prapof 40.Theor.30.
CAequalia trianguls fuper aqualibus
. bafibus,@ ad eafdempartes con-
~ Situsa,iniifdem funt pa-

rallelss.
D QVnto zqualia trian-
! SgulaABC,GDEfu- '
4.0 per zqualibus bafibus
B C,CE conftituta. Di-

aprpyr.r. B coilla iniifdem paralle-
bgrop38.u lisefle. Sinon: 4 Ducatur per Aipfi B E
a parallelaF Aliun®acrgo FE, & erittri-
- - angu-
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angulum A B C zqualetriangulo FCE.,

-Suntenim fuper #qualibus bafibus BC,

.CE,&iniifdem.parallclisBE, AF. Sed
triangulum A B'Czqualeetiam eft trian-
guloD CE:ceritergo& D CEipfi FCE
&quale, maius minori, quod fieri nequit:
nonergo AFipfi DE parallela eft.Similie
ter oftendemus, quod prater AD, nulla
alia;A D ergoipfi BE parallela eft. Trian-
gula ergo zqualia,&c. quod demonftrare
oportuit,

Propof 41 .Theor.31.
Sipayallelogyammum , & triangulum
‘eandem habucrint bafim, fint g, iniif-
dem parallelis, erit parallelogram-
. mtm duplumtrianguli.

‘ A D Y Slnt parallelogta-

caxt,

mum ABCD, & .

~ wiangulam EB C

41  fupereadébafi BC;

B C . &iniifdem paralle-
- - lisBC,A E.dicopa~

* rallelogranmi AB C D duplum.effe eri-
anguli EBC. Du&a enim A C, 4 erittri-
angulum AB C zqualetriangulo EB C:

aprop.3z.a

habent quip pe sandem balim BC,& funt

iniifdem parallelis BC,A E.Sed parallelo.
- v Dy g
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rammum A B CD duplum eft trianguli
byrep.3 4 A B C; bdiametrusenim A C ipfum bife-
caxl catiequare & trianguli EBC duplum erie,
Si igitur paraliclogrammum & triangu-
lum,&c. Quod demonflrarc oportuit,

‘ PropoCu.ProbL 1.
Datosriangulo equale parallelogram.,
mum conflituere in dato angn-
lorectilineo,

A F_g ESo datum tri-

. ~angulu ABC:
datusangulus re-

&z [ Giline® D. opor=
B E teat autem trian=-

ﬁu]o ABCzqualepanallelogrammi con-
aprep.so., ftituerein datoangulo D« Bifecetur BC
bprepae.s in Ejiungatur AE;& b conflituaturad B
reég ECangulo D ¢qualisangulus CEF.

cprop-3t. Acq; € per A quidé agaturipft E Cparal-
lelaAG:per Cverdip(i E F parallela CG,
eritg; F ECG parallelogrammii. Etquia’

dpreps7.. BE,E Czquales funt,dcrunt & triangu~
1a ABE, A E C zqualia; quippe fuper z+

qualibus bafibus B E,E C,&in iifdem pa-

rallelis BC, A G conflitutaiduplum ergo

eprep.gr,e cft triangulum A B Cerianguli A EC:
fed e parallelogrammum FECG duplum

quogque ¢ft tranguli A E C. Sustenim

- fuper




fupereadem bafi E C, & inijfdem parallee
lis EC, A G: eftergo paraliclogrammum
F ECGzquale triangulo A B C; habet- -
queangulum C E F zqualem dato angu-

- lo D. Datoergo triangulo ABC zcauale
parallclogrammum F E C G conftitu-
tum eftinangulo FEC,data angule D,
zquali. Quod facere oportuit,

Propofitio 43. Thcor.gz. :

Omnis parallelogrammi , eorum qua
¢irca diamesrum fant parallelogram.
morum complementa funt inter
Jeagqualis.
AH_ D Slr parallelogrammi
E JABCD, diametrus
’ cius A C; circa A C pa-
B! c Pillelogrammafint EH,
43 " FG: & quz dicuntur
complementa BK, KD. Dico comple-
menta BX, K'D zqualia effe. quia enim
A BCD partallelogrammum cft, diame-
truseius AC;fita veeriangulaABC,ADC #7934t
zqualia fint. Rurfus quia EKH A paral-
lelogrammum ¢ft , eius diametrus AK:
berunt wiangula EAK, A HK aqualis, bpropguts
Eandem ob caufam erunt 2qualia trian.,
D s gula
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D gulaKFC,KGC- Cum

B F igiturtderiangulaAEK,
AHK, quam KGC,
B ¢ KFC fint zqualia;e-

* 43 7 runt&duoAEK,KGC,

duobus A HK,KF C zqualia. Eft verd

& totum A BC,toti ADC zquale:igi-

tur reliquo complemento K D, reliquum

BKeft zquale. Omnis igitur parallclo-

grammi, &c. Quod oportuit demonftra-
Ic

Propofitio 44. Probl.12.
Ad datam rectam lineam’ dato trian.
gulo 2quale parallelogrammum ap-
N plicare ,in dato angslo
rectilineo.

It data re@a A B ; datus triangulus
C;datus adgulus re&ilineus D.Oper-
tearautemad datam re@am A Bdato tri-

' ¥ E o
B iy
CH 271

angulo Czquale parallelogrammum.ap-
prop.ga. Plicare inangulo zquali anguloD. 4 C5-

fituatur triangulo. C zquale parallelo-
R gram-
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grammum BEF Gin angulo EBG zqua-
liangulo D. &iaceat BEipfi A B indire-

&um; producatur F Gin H;b per A alte- bprop.s. %
rutri ipfarum BG, EF agatur parallela
AH, & iungatur HB. Etquia in paralle- .
las AH,E} retaHF incidit,ceruntan- ¢ s, 35,49
guliA HF, HE E duobusredtis xquales:

dergo BHG , GFE dupbus rectisfunt d #x. ».

mMores: e quzautem iminoribusangu- cax 1,
lisquam fint duo re&i in infinitum pro-
ducuntur, concurrunt: igitur HB, FE
rodu@z concurrent; concutrant in K;
J&perKadalterutram ipfarum E A,FH fprop.s0.2;
-ducatur parallelaK I, productisH A,G B
in L,M: erit igitur HL KF parallelogri-
-mum, diametros eius HK: g parallelo- gprep. 474
grammacircaHK, erunt A G.ME. C5-
‘plementa LB,BF: hergo LBipfiBF 2- hpropegy.e
qualecft:fed & Cipli B Feft zqualess erit iax.re
igitur&LB ipi C zquale. Et £ quiaan- kprepas.s
gulus G B Ezqualis eft angulo ABM ; &
G B E zqualis anguloD: /erit & ABM, lex.1.
. ipfi D zqualis. Ad datam ergo re-
. Gamy&c. Quod facere '
' _oportujt.

28

Pro-
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Propofitio4§.Probl.13,

Datoreciilineo aguale paralleligrime«
maxs conflitucre in dato angsle
. rectilineo, T
Stodatumre&ilincumA B C D:da-
tusangulus re&ilincus E. Oporteat

autem ipfi ABC D zquale parlclogri-

mumin dataangulo E canflituere.iunga-
sp9p.42a, tuc D B.& 4 conflituatur triangulo ABD
zquale parallelogrammum FH in angu~
brep.e4.1 lo HKFzqualiangulo E, Deinde b applie
cetur ad lineam G H panallelogrammum
G M triangula DBC zquale, inangule
G HMequali angulo E. Etequiaangu~
lus E vtrique HKF, G HM eft zqualis ;
erunt & HKF, G HM zquales: addatur
dev.;, communis KHG:dergoHKF,KHG
wqualeserunc his GHM, KHG:athi
wprop.2ga. ¢funt zquales duabus re@is ; ergo & illi.
Quare adpunctum H reGz G H pofitz

v"" frad,

|

funt duzhnez K H,H M non ad caldem
pactes, facientesangulos deincepszqua-

les
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les duobus reis, f indirc&ii ergo erunt fprop. 4t
KH, H M. Etquiain parallelas KM, FG ’
reQa incidit H G, gerunt angulialterni gprp-a7:4.
MHG, HGF zquales: Cgmunis appo-

natur HGL: tcrun: ergo hiMHG,HGL, iax. »
hisHGF,HG L,zquales katillifunt g~ kprop, agut
gnalcs duobus reQisergo & hi: lindire- lpropurs

umergocflt FGipfi,GL: Etquiatam

KF,HGquiHG,ML z%lilcs &paral-

lelz funt : 3 metunt& KF, M Laquales & /7%- 3%
parallelz : & coniungunt xllas redz KM, "
F L:#ergo & KM,F L zquales & paralle- nprap.35.14
lz_erunt, Parallelogrammum ergo eft
KF LM.& cum triangulum A B D zqua-
lefit patailelogrammo HF;& triangulum
D BC parallclogrammo G Mierit totum
re@ilincam AB CD toti KFLM zquale.
Datoergo re&ilinco A BC Dequale pa-’
rallclogrammum conflituimus KFLM,
in angulo dato E. Quod facere oporte- |

P W

21
[

bat,
Propofitio 46. Probl.14.
" Adasarecialines quadrarum
de/'mberu.

2 Stodatare@ta AB, 3 qua quadratum
defcribere oporteat. # Ducaturd pii- sprop.ar.s, .
&oArelz A Bad angulosre@os A Lt’ia
: t
i-
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bpripaga. fiathipfi A B zqualis AD;ng '
o % b ¥aDipi ABagatur parallela-
iper firadl. DE:sper Bveioipfi ADdu-
o 46| carar paraliela BE: eft ergo’

N — A D E Bparallelogrammum: |
bprap.24.1 ~“bvnde ABipiDE.& ADipfi -
cper irs. BE zqualis’erit: efed & AB zqualis eft *

civfi A D. Omnesergo quatnor BA, AD, °
, LG:/,B E funit zqualesjeftergo ADEB °
zquilateiumidico quod & reGangulum.
, » Cum enim re@aAD in parallelas AB,DE ¢
3&"}-'9-' incidat,derunt anguli BAD, ADE2-
cperfhrads. qualesduobus re@is. e reQus autem eft
BAD :ergo & ADE. fParallclogram- -
morum antem {paciorum anguli &latera, -
quz exaduerfo, zqualia funt; eric igitue
vierg; ABE,BED reGtus: reGangulum -
igitor eftA D EB. Oftenfum antem eft & -
80F47.  gquilaternm: gergo eft quadratum 1A

re@a A B deferiptum, “ Quod oporscbat::
facere. - e
Rrapofitio 47. Theor.34.
Inrelangnlitriangulas, ghods latere
veciumanguli[ubtendentedeferibitur
guadyatsm , egaale eff illis ,qund Insey
aav gy ribus relumeiprebendensibus de- ;.
: feribupsuy quadrats, . . .
. Efte

fpropaea.
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ESto triangulum re@angulam ABC,
re@um habens BA C, Dicoquadra--
tum i latere BC deferiptum, zquale cfle
quadratis 4 lateribus B A, A Cdeferipis,”
c 22 - & defcribitut are- aprepufbin
‘ - . &QisBC,BA,AC:-
i 47 K quadrats BDCE; -
) - GB; HC;& bper bprepst L
N/, Awvuiq;BD,CE "
- “  agatur - parallela
AL. iunganturg;
. ADFC Bquia
- D L 'E - vterqueapgulord
BAC,BAGreQuseft,funtg; ad pun&is -
Alinex AB duzre@z:AC, A G pofite,
facientes angulos deinceps duobus reis - =
zquales, cerit AGiphiA C in direGam, €272 4"
Eandem obcaufameft ABipfi AHindi-
reGum. Et quia angulus DBC zqualis eft
angulo FB A, quad vterquefitreQus,fi .
apponatur commuriis A BC: d ctit totns des. 2
D B A,toti FBC 2qualis.: Cumiqueduz
D B, B A,duabus BC;B Fzquales fint,al-
teraalteri,& angulus DB A,angulo FBC
zgualisie crit &bafis AD, bafi F Caqua- ~r
Jis & triangulum A B D,trianguloFBC: Pl
Seftque trianguli ABD parallelogram- £pryp. 4,
: mum B L.duplum ; habeps enim gagd(gm
- alim
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£/7°0-#11 Bafim BD,& funtin ijfdem parallelis BD,

havts

'y

A L.g Trianguh vero FB C duplum eft.
quadratum G B; habent enim eandé ba-
fim FB, & funt in ijfdem parallelis FB,
G Cibquz autem zqualium funt duplaz- -
qualia inter fe funt: parallelogrammum
ergo BL zquale ef GB quadtato. Eodem
modo iun&is A E, BK demonftrabitur
CL zquale effe quadrato H C: Totum
ergoquadratum D B E Czquale eftduo-
bus G B, H Cquadratis: &t DBEC a
BC;iplaveroGB,HCaBA,AC, de-
feripta: Quadratum ergo 3B C defcriptaa
zquale eft quadratisd B A, A C defcriptis.
InreCtangulis ergo Triangulis,&c.Quod
oportuit demonitrare.

Propofitio 48. Theor.35.

Si quadratum abvnotrisnguli latere
deferiptum , aquale fuerit quadratss &
religuis lateribus deferiptis angulus

areliguislaseribus comsentue, -
reituserit, .
» I STo quadratii 3 faves
re B Ctrianguli ABC
defcriprum ; wquale qua-
dratis dlateribus BA, AC
deferiptis, Digo angulam !
' + BAC
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B A C re&um cffe. # Ducatur enimab & aprop.ar.
un&olinez A Cadangulos reGos re@a
AD,& fith ADipfi AB zqualis,iungatur~ bprep.s.r.
que DC. EtquiaD A, A B zquales funt,
erit & quadratum ab A D defcriptum e-
qualequadratoab A B defcripto.appana-
tur commune quadratumab A Cdefcri-
ptum : ¢ eruntigitur quadrataipfaria DA, cam s,
A Czqualia quadratisiplarum B A, AC,
Sed quadrata ipfarum D A, AC zqualia
funt quadratoipfius D C. dangulus enim dperfrus
D AC reQuseft. Quadratisautemipfa:
rum AB, A Cponiturzquale quadratum
tpfius BC.quadrataergo ipfarum DC,BC
funtzqualia: ergo & latera, Eccum A D,
A B zquales fint, communis A C,igitur
due D A, AC, duabus BA, A Cuntz-
, quales,&bafis D/C bafi B C: eeritergodc ca.t. &
angulus D.ACanguloB A C zqualis: Eft
" vero D A CreQtus: ergo & BACre&us
« erit. 5iergo quadratum,&c. Quod
oportuit demon- -

. fRrare.

B Eu-
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“.‘ n Ay 0 o
TR
EVCLIDIS

ELEMENTVM.

SECYNDVM. -
Definitiones.

1. Omane parallelogrammum re&angu-
4 lum contineridicitur 4 duabus re-
&is lincis angulumt re@um com-
prehendentibus. Vesmpropof 1. pa-
vallelogrammum B Heontinetur & li-

neis BC, BG,que angulum relinm

- Beontinent, . .

. 1. Parallelogrammi fpacij vnum eorum,
quz circa dismetrum funt paral-
lclogramnorum, cum duobus ¢5-
plementis gnomon vocetur. ¥z

in propof. 5. figura CBFGHL con-

renta parallelogtammss DL, HF, &

‘quadrae DO e

) .- ' B‘e‘
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Propofitior. Theor.1. -
Sifusrint dua recialinea, quarsm sl
tera [eceturin giivtcunque partes, re-
Elangulum ab ipfis contentum , aquals
erizrectangulis abinfecda, & fin-
g4 fela partibws con-
tents,
B DECc Qlntdugrete.A,BC,
{ quarum B Cfecetur
b | vtcung; inD, & E. Di-
G - co r;&angulum lineis
A,% B C contestum z-
b ndle coffe re&angulis
contentis A,BD; & A, DE; &A,EC.
« Dicaturenim exB ipfi B C ad angulos sprep.r.2,
re&os BF,fistq;bipli A 2zqualisB G & bprep. 2.0,
¢ per G ipfi BC parallela ducatur GHjper cprop. sr.se
D, E,Cverdipli BG parallelzeducantur -
DK,E L, CH. Eftautem BHzqualeipfis
BK,DL, EH.Nam B M eft ceQangulum
ipfarum A, BC; Continetur enimipfis
BC,B G,&BG eftipfi A xqualis. BK, eft
re&angulum ipfarum A,BD;Contisctur
enim re&is G B,BD: fiquidem GBipfi A
zqualis eft. DL eft re¢tangulumipfarii A,
DE; nam & DKzqualis eftipfiA,& fimi-
; E 3 litge




aprop 46 )

‘bprop.r.a,

/

(1] L'IBERIL
liter EH eft ré@&angulumipfarum A, EC.,
Eftergoquod A, BC continetur zquale
illis,quz A,BD: A,D E ; & A, E Cconti-
nentar. Siergo fuerine dux reGa,&e.
Quod oportuitdemonftrare,
Propofitio 2. Theor. 2.

Sirecialines feu{ urvtcung, crumt re-

cFangula,que 10d: G parsibus eont;.
nentur, aqualia quadrato,qaod-' |
ftatota. |

ecta AB fecetur vicun-

e queinC. Dicore&an-
= gulaipﬁs AB,AC, & AB,
C contenta, zqualia efft,

5 g Quadratoipi®AB.4Defcri
‘ batur fuper A B quadratum,
ABDE,& ducaturper Cad vtramq; A D,
BE parallela CF. § 2zquale ergo ¢ft AE
ipfis AF,CE. Eftaurem A E quadratum
ipfius A B, reQangulum ipfara BA, AC
eft AF; Continetur enimipfis AD, A C;
&eft A Dipfi AB zqualis. CE c8tinetur.
AB,BC;Eftaptem BE gqualisipfiAB:Er-

" goque AB,AC ; & AB, C B continentut

‘zqualia fant quadratoipfins A B. Si ergo
‘re@alinea,&c. Quod demonfirarcopor-
tebat. .

- Lo Pro-




LI1BER IL &
Propofitio 3.Theor, 3.
Sireclalinea vicung, fecetur  evitre-
Gangulum s01d, & vua parte conten-
sum,aquale rectangulo partibuscon- _
tenmto, & quadrate & dicta
partedeferipto.
* R EQABGe ve-
w | Rcunq; feGain C.
3 Dico reQtanguli A B,
g B Ccontentum,zqua-
;1', D le effe, &reGangulo :
A C,CB; &quadrato BC ctento.s De- aprop. 462
feribaturenim i BC quadratum CD BE,
producaturque EDinF; & bper A vtei. bprep. yre
que C D, BE parallela ducatur, A F: ¢ Ec. /7% %
'go AE zqualeefl,ipfis AD, CE. Eftque
"A E re&angulum ipfis AB,BC conten-

tum ; continetur enim ipfis AB,BE, &

deft BEipliBCazqualis. A D verd ¢ftre- ddefiaz, o)
&angulum ipfarum A C, CB; eft enim

D Cipfi CBzqualis. D B,denig;eftqua- . .
dratum ipfius CB. ReQanguliiergo AB,- , -
B Gcontentum,zquale et AC,CBcon-

tento,vna cum quadrato ipfius CB. Sier-.
goreQalinca,8cc. Quod demon-

firare oportuit.
Es; Pro-

[ =4
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“Propofitio 4. Theor.4.
Sireitalines vicung, fecetur, guadra-
tamiotine aquale erit & partium qus-
rati, cz reitangulo bis parti-
buscontento.

. R Ecta AB fecetur vicunque in C. Dij-
-Nco quadratum ipfius A B zquale effe
quadratisipfarum AC,CB; & reGangulo

aprop.44.1. bis A C, CB contento. 4 Conflitnatur e~
nim {uper A B quadratum A B EB,du-

bprop.si.1. caturque BD sac b per Cvefique A D,EB
ducatur parallels CF; per G vero verique

eperfrud. AB,DE parallelaHK EtequiaCF,AD
dprop.ag.1 parallelz funtin ipfafq; incidit B D, derit
externus angulus B G C zqualisinterno
orpst. 4 gp &oppofito A D B:efed
H—8 ADBeftzqualisipiCBD;
4 uod & latusBAlateriAD
t zquale ; erit igitur &

D —FE CGBangulus, zqualis
fprop.0.0: ~ GBCangulo.f Quare &
8?9331 latus BC lateri CG zquale erit: gfed &
CRipli G K,& CGipaKBeftzqualese-

ritergo & G K ipfi K B #quale: zquilate-
rumergo eft CGKB. Dico quod &re-
ﬁangu%um.Cum enim CG,BK paragclz

nt,
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Gnt,inipfafqueingidat CB;erunt bangu. hprip.ag.tl
liKBC,6G CBaqualesduobus reis: ire- idef.a7. 24
Gus i.utcm fKBC; ;lrgo &GCB ré&us

it are &qui ex aduerfo CGK,GKB & W
:F;&x %Er, rcgtangulu igitur eft CGKB. iadd
Demonftratum autem eft, quod & 2qui-
laterum : quadratum lergoeft; & eftd CB l4efis7.00
id‘cnptum. Eandem ob caufam & HF
. quadratum eft; & eftab H G dofcriptum,
" hoceft,abA C.Sunt ergo quadrata H F,
CKabipfis AC,CB defcri ta.EtquisAG
. 1pﬁGEmgqualccﬂ,cﬂq, G AC,CB )
' canineturifontn. GC, € quuales,ent &, ey 43;
GE ¢quale AC,CBcontento. Ergo A G. '
ualuafuntbstC,CB cStento.Sunt, .
. amcm &HF,C. Kg;laclrata ipfarum- AC,) R
BC qua;uorcrgo F.CK,AG,GEz~ .- K
qualia funt, & drarisipfarum ACER;, -
ﬁre&mgulo C € B contento.Sed,
F,CK, AG,G onfhtuum totum,
+ ADEB, quodcﬂq atum ipfius A B,
ratam erga iplws AB zquale ot
qeadeatisiplaram, AC, CBi& reftangule,
3“ ,CB ontegtd, Siergo, &¢. -y .
ﬂcmoqﬂrarc o S
ortuit.

i
\-‘."rf.‘ oo

€« ‘/
(RO .

ROy ) ’ E4~ B All‘
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. Alia demonfiratio. e
D fco quadratumipfius A B zqualeef-

4.7 fe quadratis pardium A C, C8,8& re*
-Gangulo bis AC,CB contento, Ineadeny’
3prop. o1 fegura,cam BA, A D fint zquales, 4 erunt
bprepezea Beanguli ABD,A DBzquales. 'Etbcam’
" ' ‘omhis trianguli tres anguli gquales fue-
duobus refis; erdnt & triangui A B D~
tresABD,A D B,BA D zqualesduobus'
cperfrud. eBis. e cft B AD re@us: ergoreliqui:

dper rud ABD, A’ DB vniretto zquales ;cumque’

g"“f'”."f;&n‘s autéeft B C G eft namq; equalisan:

to oppofito ad A; teliquus ergo CGB
fpropza.. F‘enmirc&us eft:f igit;uru;luales funt CGB,’

grrp-o1. €BG: g quare& lateraBC, C G zquafia:_

hprop 13 1. erunt: b{od CBzqualecftipiKG,&CG"
tper firw?. i B ergo CK eft zquilaterd; i crd

habeat ““g““" CBXreQ; quadiativeris:

CK,& quidem,qugdfitex CB.Eande 4B’
cdofam’ quadrat ftF Peflq; 2 walé fﬂii -
quodfitex AC: funtérdo CK, HF gﬁa‘ '
drata; zqualiag, 2u’adraﬁs*ipfamn'y 33
kprop.422 CB. Evk cum AG, E G zqualia fit,
fitque A G id; quod AC,CB continetur,
funtenim CG, CBaqlales: ergoEG
zquale ft contento " AC,, C B: igitur
A G, GE zqualia func bis AC, CB
: i coR-

fintiequales, erit vierq; femire&tos, dre- -

|
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contento, Suntverd & CK, HF zqualia
quadratls ipfarumAC,CB : ErgoCK,

. HF, AG, GE zqualia funt quadratisi--
plhirum A C,CB;&bis A C,Cli conten-

ORYA R

’

&m tvo:fed CK,HF,AG,GE totuym A Econ-
:m fliumar, quodeftipGus A B quadratum.

- Ergoquadratitipfius A Baquale cft qua-
™ dratis ipfarum A C,CB,& reGangulo bis

D A Gy CBcontento. Qoodoportuit de-
13 >V .

¢ .. Gorollartum.

- - Exbis manifeftum eftin quadratis fpa-

M

d dratag

~

J.

Fa ~.‘Propof.§.Theor.s, .
G Sirveitalinésfecesurin aquilis, & in’
& inequalia, eritreltangulum inequali-
o Dustotis partibus contétunivna cums
ob quadratolinea, quaivter feGionesin- .

i ciisil_h&lcx;g\;ir;a.diamg;rmn'ﬁmt_, qua,

E:’: « terficitur agaale es,qsiod idimi..

I : diafit guadrate. -

. E&aABalccernrinzqualiaad Ciin app.lir,
1 inzqualiaad D. Dicg cantenti AD, -

¢  DBre&angulum cum quadratd quod cx
o CD,gqualeefle quadraroipfiusCB,5 De-
B fLribaturenim fuperBCquadra@CEFB; barip.4 .1
- ot R X &
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- ¢prop. ¢, &ducatar BE;e atq; per Dveriq CE,B K-

ducatur parallela D G : per H verd wiriq; -
CB, E FparallelaK O. Rurfiusqueper A
vtrig; CL,BO parallela AK;8 cum com-
dprop-#3.1 plementa CELH F dzqualia fing, (i adda-:
tarcommune DO erit totum CO, toti
D F ¢quale.Sed C O gqualeeft A L;quod
‘A o= . &ACipliCBfic -
QLD B yqmlisreritigi-

! yd wr & A Lipfi
M7 7% D Faquale: fi

S addatar comu-
- B, G F pCHedtAH
ipfis D F, D'Lizquale: fed A'H, ¢ofitento
eCorll 4. AD),D B eft zquale; e cftenim & DHipfi -
7742 DBgqualigsFD, DL auterrfntgnonton
MNX: fegognompp MNX cft zqua-.
lisAD, D Bgontento.SiL G commune,
gquod cft zqualequadratoex CD, adda«
tur:erunt T\QN Xghondon,; % LG 2qna-~
lia content®@A\D, D'B,&illl quodex CD -

fax.1.

fit quadrato.Sed gnomon MN Xo& L G e

totum CE FBgyadratum,quod eft qua-
 dratumex CB:ergo A D, D Bcontéeym, -
cum ﬂmérg.tp(;al@ﬁtsx CDszqualeeft
guadratqjplms ( B.Sicrgore@akines
fecteur, ¢, Quod opottui de-.
L menieare,

? A

1

2

{
i
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- ‘Pt0p0ﬁ'6.‘]-h'30t.6.{.: “;:‘?.-r:'\

Sireétalineabifecetur.eigin directum
sadamyectaadiiciatur , erit reclan-,
gvlum, anodfitex'tota compofita, &
adiecta,una cums guadrato diiidie, e
guale quadratoquod fit ex dimidia’

oo U dradiedta, T

N . opilan ST e O
E&a ABbiecerui inC, adiiciaturds
iquedam BB indire@un.Dico rex,
&angulum AD, BB contentgm, cum
quadrato re&z C B,zqualecfle quadrato

quodfitexCD. « Defcribitut enim fiy. 2277447
- per CD quadrarum CEF D; daaaturd; '
A- @ g p DE-&bpecrBqui- bpropgis.
- 3. gemverig EC,DF
: _}a_pg'rallclaapc_af BG:
~ per H verd vtrique
_ | ~'A D, EF parallela
. E @& ¥ iKM, ItemperAv-
trig; CL, D' M paralicla AK. Cumrigitur
AC zqualis fit reQ@z CBjerit XA L »-
quale iph CH : fed CH ¢ zquale sft ipfi cprop a3k
H Fiergo & AL,gqualeeftipfi H F.Com-
muneaddatur CM:dtotii ergo AMgno- dex.2,
moni NX Oerit zquale:led AMeft quod
com/inctur AD;DB(cft ¢ enin D M- edefis7:
qua-
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“cprer. 46 Hducatar BE;e arq; per Dveriqs CE,B K.
St ducatur parallelaD G : per H &rb vuiq;.
CB,EFparallelaK O. Rurfusqueper A -
vurig; CL,BO parallela AK;& cum com-
dprop.gs.1 plementa CH,HF dzqualia fint,fiadda-:
tarcommune DO ; erit cotum CO, eoti
D F gquale.Sed C O gqualecft A Liquod -
‘A C B u & ACipli CBfic
FP B pqualisrerikigi-

L‘ /| wr & A Lipfi
LM’ /° D Fxquale: fi
S addatur comu-
: E & F peCHjeitAH
iPﬁSD F,‘ DL‘S(’“!‘C: fed RH, édﬁfeﬂt'o'-‘
eCorel. 4. AD),D B eft zquale; ¢ cftenim & D'Hiphi -
2702 DBequaligFDDL pustémfuntshonton
far.r; MNX:fegognompp MN¥ clizgqua-.
lis AD, D B contento. SiL G commune,
quod cft zqualequadratoex CD, adda-.
uir:erunt MN Xghordon ;8% LG zqua-*
tia content®A\D, DB, &illi quod ex CD
fit quadrato.Sed gnomon MN Xp& L G /o |
totum CE F Bqyadeatum,quod eft qua-
;. . dratumex CBiergo A D, D B contgtym, -
" eum gquadratolgyod fit cx C Dyzqpal et
quedratqip ‘m:C,B.Si crgoreabnes
fectenr,&cQuod oportuider
IRETIN 2! laren LU INEUDTIEN

2 d

s

b
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- Propof.e. Theor.6... i ::n
 Sivedalineabifecetur.eidindirectum’
quedam recta adiiciatur , erit reflan:,
gl , quodfirex'tota compofita, &
adiecia,una cumquadrato ditsidie, &<
quale quadrato quod fit ex dimidta
o U Sradiedtas )

. Lorflge ST o6 Qe
E&a A Bbifecetut inC, adficiatyid;
iquedam B-D in direGum.Dico rex.
&angulum AD, DB contentum, cum
quadrato re&z C B,zqualeefle quadrato
quodficex CD.' & Defcribatut enim fu. 2277457
- per CD quadcweumn CEF D; ducaeurd;:
_‘A A C B D DE.& ﬁpthqui-;b["[-l' t.
1 T gemverigp EC,DF
m pgrauclazpcaf BG:
‘' per H verd vtrique
] | ©'A D, EF parallela
X @& ¥ iKM. ItepperAv-
triq; CL; D M paralicla A K. Cumrigitr
A C zqualis fit. reQz CBjerit &AL »
quale ipfi CH : fed CH ¢ zquale el ipfi ¢ppp. 5.5
H F:ergo & AL,¢qualecftipft HF.Com-
muneaddatur CM:dtotii ergo AMgno- dur.z.
moni NXOerit zquale:fed AM eft quod
continetur AD; DB(cft ¢ chim D Mz- edefis7

qu a-

g




76 CLIBEBRIL
qualisip(i.D B):&ghomeén N XO zqua-
liseft A D,D B contenso. Communcad-
. datur LG, quod eft zquale quadratore-
&z CB: ergocontentum A D,D B, cum
quadratoipfius BC, zquale eft gnomoni
NXO,& L G,Sedgnemon NXO,&L G
funt quadratum CEF D, quod eft qua-
dratumipfius CD : ergoquod AD, DB
cBtinetur,cii quadratoipfius B C,zquale
eftipfius C D quadrato. Siergo re@a li-
nea,&c. Quodoportuitdemontirape. * -
*~ ~Propof.7.Theor.7.
Sivecialiea [ecesur ytcomque, qued .
i;ott,qxédz’,ab URA partism fit,vira-
gneqiadrara, equnlia funt ei, quod brs
" Arota B dictsparte fitreciangu-
© . lounacum dlteriuspartss
i .o quadrago. -
ST &' R E@aABfecetury
n .cumquéin C Dico .
- HE quadrata , quz ex. A B,
¢ . CB fiunt,gqualia effc bis-
i , AB, BC comteato, &
D % E quadreto quod fit ex
sprop.46.0 A C, 4 Delcribatur enim fuper AB qua-

* otampra- drarum A D E B, & figura * conttruatur.
ccdentibss, ) ‘ Et.

.4
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Et quia A G,G E¢qualia funt,fi commu-

ne C F addatur,erunceota AF, CE zqua-

lia: vtraqsergo A F, C E duplafuntipfius .
ATF:fedAF,CEfuntgnomon KLM&
C F quadratum : gnomonergoKL M, &
CFduplafunt ipfius AF. Eftveroeiul- .
dem A Fduplum bis AB, BCcontétum; . -
#funtenim, B F, BCaquales. Gnomon b 4efs;.
ergo K L M,& CFzquanturbis AB,BC
contento.Commune addatur D G,quod
eft quadratii ex AC:gnomon ergo KLM,

& quadrata BG, G D zquanturbis A B,
B Ccontente, & quadrato quodex' A C.

Sed gnomon KLM,& quadrataBG,GD
funttorum AD EB, & CF;quafuntex
A B,B C quadrata.Quadrataergoex AB,

.B CzquanturbisAB, BCcoatento, & .
quadrato ex A C:(iergo, re@alinea, &c.

-Qgod oportuit demonftrare.

Propof.8.Theor.8.

Sirectalincafecesur vicumy,recian-
gulum quaser tord, & vna parte con-
sentum ,cum quadrato alterins part s, K
cg:ule et quadrato 4 totacr dicta
parsetanquam abvnalines
deferipte.
ReGa
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R E&a ABfitfe&a vecomquein C.Di-

co retangulam quater AB,BCcon-

tentum,cum o, quod fitex A C quadra-
tozqualceffe quadrato, quod fit ex AB,
B C,tanquam ex vnalinea.Producatur e-
nim AB indireGum, &fit B D zqualis
sprep.#60.CB; & afuper A D conftituatur quadra~
tum A E F D,&dupla figura conftruatur,
Quiaigitur CBipfis BD; GK; BDvero

A C B_DipfiKN zqualiseft; e~
» e, runt& GK,K Nzqua-
g les.Ob candem canfam,
- X7 F7|% erunt PR, R O zqua-
-yr’,' 8 les. Cumque tam BC,
¥ H L F BD;quunGK,KNe-
ualesfint; S eriit etiam
bprp.36.0 tam CK K D : quam GR, R N zqualiax
~ {edCK,R N ¢ funt zqualia (funtenim
€/r°2-431 complementa parallelogrammi CO) igi-
tur & K D, G R #qualia erunt. Quatuor
ergoDK,CK,GR,RN ¢qualia funt:qua-

“tuor ergoilla funt quadrupliciaipfi® CK.
Rurfuscum CBip(tB D:BD dipliBK,

3censl.¢.2. hoc eft,ipli C G; & C Bipfi GX, hocefl,
Cdef.27. ipli G P zqualis Gt, eritCG ipiGPa-
qualis. Etcum CGipliGP; & PRipft

R O zqualisfit;erie & AGipiMP;& PL
tqn.#3.1 ipliR Faquale: Sed MP,P L funte zqua-

lia,
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lia,quippe parallelogrammi ML comple-
me:xl:a,l:l:m?t &A G%& Fzqualia. (&;-
tuor ergo AG,MP,PL,R Ffuntzqualia;

uatuor ergoilla quadruplicia funtipfius
AG,Oftepfaantélunt & CK,KD,GR,
R Nipfius CK quadruplicia:ergooQoill «
. quz gnomoné S TYcontinés, quadrupla
funtipfius AK: & cum AK contento AB,
BD fit ¢quale, eft enim BK.ipfi BD ¢qua-
lis.erit quater AB, BD conteatum,qua-
druplum ipfius A K. oftenfuseftantem &
gnomdSTY quadraplexiphi® A K.Quod
ergoquaterAB,BD continetur gqualeeft
omoni $ T Y.Communcaddatur XH
gc‘;uod zquale eft quadratoex AC)quater
ergo A B, B D contentum re@angalum,
cum quadrato quod fitex A C, 2quale eft
gnomoniSTY,&XH. Sedgnomon&e
X H funt AEF D quadratum, quodeft
quadratum ex A D:ergo quater AB,BD
contentum reétangulum ,.cum quadrato
ex AC,[éﬂ,zquoleilli,oguodﬁc exAD
quadrato, hoceft, quodfitexAB,BC
tapquam ex vnalinea, Siergore@ali- .
nea; &c. Quodoportuitde.- -
- .. monftrare.

L]
o
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Propof.9. Theor.9.

Sireltalinea feceturimaqualia,érnon
#qualia , quadrata partis inegnalinm
duplafunt Creius quodfit i dimidia,dr
eins quodfit alinea,queinter fe-
Clionesintercipitur qua-
drati.

"CEceturre®aABin
3 C zqualiter,in D '

ingqualiter. Dico qua
L C D B dranexAD,DBdu-

pla efle corum, quzex A C,CDfunt.
« Ducaturex Cipli ABadangulosrectos
E C,quzfitvtrique A C,CB zqualis,du-
canturque E A,EB. Atque per Dipfi EJC
sgatur parallela DF: perFvero ipiAB
parallela F G iungaturque AF. Etquia
A C, CEzquales funt; b crunt& anguli
E AC,A ECaquales.Et cum angulus ad
CreQusfit;e eruntreliqui AEC,EAC
vaire@ogquales,ideoquefemire&ti.Eana
dens obcaufam CEB, E B Cfemire@ie-
runt: vndetotus A E B reGtus erit. Cum-
que G E F femire@usfit; d reQus EGE

2:& enim intcrno & oppofito ECB »-
qualis) a erit jeliquus E F G femire&us:

; Krgo
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Ecgo GEFiph EF Geftzqualis;equare ¢ ppyp 5.
& l§tusEGl‘at’er—i F G zqualeerit. vcikur- s
fuscom angul’ ad B femireGtus fit; reGus _

F D B( eltcnimzqualisisiterrio & oppo: P65
fito E CB)erit reliquus BFD ferire@us.
Eftergoangulus id B 2qualis DFBan- .
gulo,fQuare & la'tpst lateri DB gquale 827 ¥4
erit: Evcumi A C,C E gquales fint,erunt

& quadrita ek A C;CE gqualiaiduplaer- L prebuaiif
gofuiit quadrato ex AC: gzquileautem g4
eft quadratis ex AC, CE quadratum ex
EA(namangulus ACE feGtus eft) cftigi-

turquiod ex E A duplii cius quodex AC:
Ruifuscum EG,GFzqualesfintjeruns  *
& quzexE G,G Fquadratazquialiaidu- .
plaergofunt eius quod fitex G F:Et b 2= ipropisy i
qualia eius, quod ex EF: ergo quod ex

EF duplum eft eius,quod ex GF quadrati

(funt avterh GF,CD gquales ergo quod

ex EF duplurii eff cius, quodez CD, Eft
autein & quod eit A E duplum elus,quod

ex ACiergoquiadrataquzex AE,EF du~

pla funt eoriim,qu¢ ex AC;CD:Quiddra- 5, . i
dratisautem ex AE,FF,i #qiale eft uod Propi#7:
_ex AF(cftenim angulis AE F retus er-
8o quod ex A F quadratum duplum eft
_eorum,quzex A C, CD:ciautem, quod '
&k AF 2 zqualia funt quz ex i‘, DF (pippr.t

- oo F- fuing
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fiunt(nam angulusad D reQuselt)igitur
quzex A D, D Fdupl funt eorum, quz
ex A C, CD quadratorum (funtautem
DF,DBzquales)ergoquzex AD,DB
quadrata, duplafunt corum, quzex A C,
C D.Siergore&alinea,8c. Quodopor-
tuit demoanftrare. .

Propof1o.Theor.1o.

Sirecialinea bifécetur, eig,in recium
quedam aliaadiiciatursquadtoracum
adiecla, & abadieta fiunt quadrata,
* duplacyuntquadratoram , quefiunt d

dimidia, &r akcompofitacx dimi-

diatr adielSs.

E&a AB bifecetorin G, adiiciaturg;
ciinre&umB D. Dicoquadrataquz
. exAD,DBduplacfle corum,quzex AC,
a prop.nr. CD.a Ducatur enim ex Cipfi ABad an-
bprep2. gylosreétos CE; Bfitd; CEipfis, AC,CB
g @ =qualis; &iun-
epropgra. To gantur AEEB,
A | atq; ¢ per E ipfi
A D A D agatur pa-
g fallelaEF.PerD
: verdipli CE pa-
rallelaD F; 8 cum in parallelasEC, FD
S inci-




/
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incidatE'F, derantanguliCEF,EFD
aquales duobus re@is:vnde FEB,EFD
duobusre@isminoreserunt. ¢ Quzav- ¢ax.ar,
tem 3 minoribus qui fintduo retipro-
ducunturre@z line, concurrunt: ergo
EB,F Dad partes B, D producte concur-

rent: concurrantin G,lungatuique AG.
ErquiaAGC,C Ezquales funt, P eruat®& fprop.s.rs
anguli AEC,E A Czquales;g & eftan- grefrads
gulusad Cre&us:ergo EA C,A ECfunt
femire&i.Eandem ob canfamCEB,EBC
femire&ifunt:ergo AEBreQuseeft:cum- .
due EBCfit{emire&us, b crit& DB G h propisik
?cmire&us:cﬁ verd BD GreQus;  zqua. 1720t
lisenim eft angulo DCE, quodfint al-
ternizreliquus créo D G BfemireGus eft:
quareanguli D G B,D B G zqualesfunt;
Tlcruntigitur & lateraB D, GD zqualia. kprap. 2.1,
Rurfus cum EG F femireQus fit: Lre@us | prop:3#48

dprop.ass

. quiad F(eftenim ad Coppofitozqualis)

erit & FEG {emiteQus:untigitur EGF,
F EG zquales, s Quare& latera GF, ™ prp-ed
EF zqualiaerunt. CumergoEC,CA
@qualesfint; erit& quod ex EC quadra-
tum, zqualesi, quod ¢x A C: Quadrats’
ergoquzexEC, CA, duplafunteius,
quod fitexC'A; illisantem, quz ex CE, ‘
CA,nzqualecftquod exs. A:ergoquod nprip.47
- 3 ¢
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ex EAdeplum eftcius quod ex AC.Rur-

fuscum GF, EF fintzquales, erunt &

- queexFG, F Eqttadrata zqualia. Sunt.
ergoquz exF G, FEdupla eius, quod ex
sprp#74 E Fiillisautem, quzexGF,FE ozquale.
eft quodex EG : ergo q'énpd exE G du-
plumefteius , quodex EF; funt autem.

EF, CDzquales:ergo quodex EG du-

plum eftcius quod ex CD: oftenfum efy
autemid, quodex E A duplumeflecius -

3uod ex A C: quzergo ex AE; EGqua-
rataduplafunt eorum;quzex A C,C D:
prropgitillisautemquzex AE, EG p zquale eft
quodex A G: ergoquod ex A Gduplum

_eft eotum; quz cx A C, CD ci autem
9147 quod ex AG , § #qualia funt ; quz ex
AD, DG:ergoquzex AD; DGqua-

.. . draiaduplafunteorum,qugex A C;C D,
- #qualesautemf{unt DG, D Brergoque
A D, DB quadrata; dupla funt corum,

quzex A C,CD.Sicrgorefalinea
bifecetur,8c. Quod oportuit
: demonfirare,

. "bdi'b A ndh o ’«
. x;
R

[



LIBER IL 8
Propofi11.Problr.
Datamrectamfecare, vt quod tota, o
" wnaparte contingtur rectangulum,
aqualefit quadratoquod fitex
reliquaparse.
It data reGa AB,quam oporteat ita
aJfecare, vequad ex tota & voa partium
fit re&angulum, zquale fitei, quod exal-
tera partefitquadrato. 4 quc’rib&ur ex ;f’ ”).46.1
AB quadratom ABCD, &b bifecfur AC *#771%
in E,ungaturq; BE.producatar CAin F,
-~ ¥_G - 1§ EF czqualisre@zBE. cprop.sx
g - dcoftituatur foper AF qua- dpropsoc
'AJ - B dracumFH, &Préduth'tur
E

GHinK. Dicore&am AB
in HfeQam effe,ve AB,BH
conteotum reangulany,
- € K Dgqualefitei,quodex ARt
qteadrato.Cam enim reGta AC bife@a it
in E, cijucadic@ain direGam AF; e crit eprep.6.,
CF, FA contentum, cum ¢aquad fitex
A E,equaleilli quod fit ex EF,funtautem
EF,EB ¢quales:crgo CF,FA congentum,
cii coquod fit ex A E; zquale eftilli;quod
exEB Puadrato :fed ci,quodex EB f 2- fpropszats
qualia funt,quz ex B A,A E quadrata (re- '
&us enim cft angulus ad A ). ergo quod
- F; CF,

€



. reliquumergo,quod CF,FA continetar,

gdo.2.

hi’fv:'h t€HD quad A B,B Hcontinetur b (funt

~ eftin H,vtquod AB,BH continetur re&:

{3 L'IBER IL
CF,FA cantinetur,cumilloquodex A E

quadrsato,gquale cftillis, g exBA,AE qua-
dratis; Commune quod cx AE auferatur;

zqualceftei, quodex A B quadrato. Efl
-autem CF,F A contécum,

» iplumFK(gnam AF,FG
B gum zquales) Quod autem

< ftexAB, et AD quadra-!
| tum:ergoFXK,ADfunt 2
..} qualia. Commuu¢AX au-i
3—p feratur 1 eruntgue reliqus
- FH, HDzqualia. Eft au

enim AB,B D zquales)F Haméeft quol
firex A H quadratii.Ergoquod A B,BH
continctur reGtangulum, zquale eft qu-
dratoquadex A l-?u reQa ergo AB fecu

angulii zquale {it ci, quod ex A Hfit qua-
drato, Quod facere oportebat.
~ Propefi12.Theor.11.
Intyiangulis obtafanglis guadrasan
quod it & latere angsulum ebtufum fab-
tendente, mains eit quadraris laterum
obsuftim continentium,reclangulo bu
conteuta Crab vnolatere obtufim cos-
. ) tinen
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tinent¥din quod producium perpendi-

cwlaris cadit,@r dlines exterius affum-
.. ptaaperpendiculariad angulum
. obsfim.
: SIt triangulum obswfangulum ABG,
Jobtufem angulum habds BAC.« Da- 850
caturex B ad é A productam perpendi- .
cularis BD. DicoquadratomexBCma-

. iuseffe cis, quzex RA,

:P, A G, re@angulobisCA,
‘ AD contéro. Cum enim
| A]’ re@a CD fkQafitveci-
« A’ 7 quein A;B erit quod ex berops.a

D Czqualeillis,quz ex CA, AD quadra-
tis; & e1, quod bis C A, A Dcontinetur,

. Communeaddatur, quodex D B. Ergo
quz ex CD, D B zqualia funtillis,quzex
CA,AD, D B quadraris; &illi, quod bis
C A,A D continetur:fed illis,qugex CD, _
DB quadratis,¢equale eft quod cx CB(elt cprop.478

enimangulusad .rc&us)?nis autem,que D
ex AD,DB4zqualc eft,quod ex AB qua- dprep.g7.2
dratum. Quodigiturcx C B rqualecitil~

- Jis, quzexC A, A B qiadratis, & reCtan~
gqlo bis CA, A D contento.Intriangulis
. ergo.obtufanguliz,&c.Qiod oportuit .

, demonftrare. .

' - F g 77 Pia.

Vo

-
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Propof.13.Theor.r3.
In acutangulis triangulis quadraturms
laters acutum angulum fubtepdentis
msipus e5tquadyatis acutum continen-
. tibus rectangalo bis contents , & ab@-
1m0 lasere acutum continente,in quod
perpendicularss cadit, &y alineadper-
| pendiculayi intus affuroptaad an.
‘ gulumacssum.,
Ic acutangulum triangulum ABC,ha-
bésacutit B:aducaturabAin BCper-
A' Pcndicularis”A D.Di-
€0 quadratii quod fi
" ex A C minusefleillis
quz fiuntéx CB,BA;
reGangulo bis CB ,|B
‘ D contento.Cii enim
. BT € raac Bt ftvt
b prop.7.s SUMQ;inD;Beruntqua ex C B,B D quia-
gl drata gqualia bis CI;I,BD conten_to,g illi
T quodex D C quadrato. Commune adda-
tur,quod ex A D: Ergo quzex CB,BD,
D A quadrata, zqualia funtbisCB,BD
tontento, & quadratis quz exAD, DC.
Sedillis,quz ex BD,D A, quale eft quod

¢x AB( ¢ft einm angulus ad D{reéhﬁS).

.

3prop. 1yt S
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;llls verd queexAD,DC gqualc eftquod

ex ‘AC. Ergoqueex CB,BA;zqualiafunt
&illiquodex A C quadrato; & illi quod

bis C% BDconnnctnr Qarc od ex
“ACquadtacum minus eftillis,q &(

BA quadraus, rectangulo [us BC,B D

‘ ontcnto. Intriangulis ergo acutangulxs, o

&c. Q_gd dcmon!%rare oportuit,

Propoﬁuo 14 Probl.2.

Dm redtiliveo aquale g;udumm
: e oomflitueres.
~St Q re@ilineum A, cui oporteat 2.
qualcquadratum conﬂltucrc a Fiat aprop. #1.5
| rc&:lmep A aequale parallclogranimum
r:&angu]umB D. Su itut BE, E D fue-
! ring uadcs,Fa&ume quod petltur, erit
| cmm rc&llmco Azqualc quadratu BD.

"Si non ; erit vna- :
lpﬁrum BE,ED
maior:  Sit ma-~
tor BE, ;produ-
D! ’ catarin bﬁatque bprep. 2.1

FE,ipfiE D zqua-

lis, cblfccctunquc FBinG, &cemro G, crrervits
interuallo GB,aut GF deﬁ:nbatur ﬁ:mx-
q;rculus B HF, & producatur D Ein H,
Es du.
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* ducaturque G H, Cum itaque re@a BF
{c&a it zqualiterin G,inzqualiterin E ;
dprop.s.2e derit quod BE, EFcontinetur, cum eo
quod ex E G quadrato, zquale ¢i quod ex

G F quadrato, Sunt autem GF,GHz

quales. Quod ergoBE, EF continetur

um co quod e3 G E,zquale eftilli, quod
827p-#7- ex G H;lli verd quod ox. GH,ezqualia
v funtquz cxH E,GE quadratazergo quod
BE, LF continetur,cum caquod exGE,
zquale eftillis,quzex HE, GE:Com -

miune auferatur,quod ex G B ; & erie feli-
quum,quod BE, E F continetur, zquale
ei;quad ex E H quadrato: fed quod BE,

_ EF continstyr eft ipfum B D, fiquidem
% - EF, ED{untzquales: parallelogrammi
ergoBD gquale cltei quadexHE qua-

drato: Eft autem B D zquale re&ilineo
A:ergoreQilineum A zqualeelt quadrs-

toex EH deferjpro. Dato er%é reGilineo

_ A,zquale quadratum conflituimus,
" idnimirum quadexEH. |
" Quod facereo- ‘
S pqr,tuie. |
T .’s(o)w -
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Equ.alr.s circuli funt, quorum diame-
tri funt aquales ; vel qoorum qua
excentrisfuntzquales.

3. Re&a linea circulum sangere dicitur,

- . qux centingens circulum, & pro-
duftaipfum non fecat. :.iwfigura
Propef-16. lipea A E tangit oixouiuma
ABC. Ing. ("19.1)5 uammm-
lum 4BC.

3. Circuli {e tangere dtcuntur,qm fctpfo:
contingentes; fe iplos non fecant,
Gironli[¢ contingmns ant interiss , vt
propofbeirenls ABC ;D EC autex~
terinsy W prqu 12, cnm:h B A€,
D A Eo .

4Tn
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4 Incirculo gqualiter 3 centro diftare
~ dicunturjre@z linex, cum i centro

ad ipfas perpendiculares duz 2-
.quales fuerint, Ve propof. 14. lince
A B,CD acentro E, aqualiter difiant
“ywod E F.EG fint aquales.
s-_Magis diffare dicitur, in quam maior
- pérpendicularis cadit,
¢. Portia circpliyeft figurd quere@a li-
nea & circuli circumfereatis conti-
netur. Veinprimapropof funt portig-
nes ACB,AER. - 7"
7. Portionisanguluseft, qui re@alinea,
.8 ctreuli .circumferentia contine-
o uri Veinprima propof. funt anguli
C AB,E AB,refla A B, & perspherss
. . € aEAcontents, S >
$; In-poxtione angulps.eﬁ, cum in cir=
. !cumferentia partionis acceptum
« pua&umfuetit,‘&abiifoadt_crmi-
- ngs re@elinez.qag eft bafis portio-
nis, iunguntur regtz’, angulus in-
© . quamphisreis contentus. V2 sn26,
. ... propef. anguins E B F cft in:portione,
C o EDFSve et ’ o
9. -Quando ivéro linez angulum conti-
. . ‘neates, sffumunt peripheriam,in
. illa infiftere angulus dicitur. Vein

7
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propof.27. angwius E D Finfiffit pers-
pherie EF..

io. Se&ot circulieft; quandoangulusad:
ceatrum circuli confliterit, figura,

contenta re@is lineis anpulumcg-

prehendentibus, & peripheria- ab
- ipfisaflumpta, V2 snpropof. 27.feéter
cgcitnf figura EHF,

i Similes circuli portibhcsfnnt,qug ca:
piunt zquales angulos, autin qui-
busanguli zquales Cpnﬁﬁunta

Propofitio i:Probl.1.
L T N v e .
Daticiriulicentruns innenire,

! I Stodatus circu<

' lus AB C, cuius

cétrum inuenire o-

\ porteat. Ducatur

quzdam reQa linea

ABvtcunque, #bi-

fecemrqueinDjat-

/= quéper Dipfi AB

‘ad b.angnlos se&os bprep,rr.e

. oL eri At“.r_‘p .C’ "‘l“z cpofful s,
producatur in E, & dbifecetur CE inF. dpropico.1.

.DicoF centrum cffecirculi ABC. Sinon;
it fifieri poteft, G, ducanturque g g s
, . L] i -
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GD,GB;8&cum A D, DBequalesfint,

ep9p.8.1.communis DG; ceruntduzAD,D G,

duabus G D, D B zquales, altera alteri

Eprp.8.0.f & balis G A zqualis bafi G B ; funt

 yrum circuli cffes

caim ex ceatro G: g ergo & anguli
ADG,GDBzqualeserunt: Cum au-
tem reQa fuper re@am confiftensangu-
los deinceps zquales fecerit , reétus erit |
vterque angulotiizre@us ergoef G D B; |
fed & F D B re@us cft;eft ergo angulus,
F D Bzqualis angulo G D B, maior mi~
nori,quod fierinequit. Non ergo G cen-
trum cft. Similiter oftendemus quod p:ﬁ-
ter F nullum aliud: F ergo ¢entrum cfte
Quodinuenire oportuft. - -

Corollarsum.
Ex his manifeftumeft, fiin circulo res

&a quedam re®am quandam bifariam,
&ad angulos re&osfecetin fecante cen-

- Prepofikioz. Theor. 1.
Siincirculs peripberia duo puniia av.
cipiantny, veddaillacomsungens |
intrativeslumcadet,

o - Y% Stocirculus ABC, & in cius petipht-

- &sria accipiantur quzcunque d.uo pus-
“&aA,B. Dico re&am, quiex Ain B du-
L citur
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citur intra circulum cadere. Si non : Ca-
dat,fificripotefhextra,ve AEB, & acci-
piatur centrumcirculi ABC, quod fit D,
iunganturque DA, DB, & producatur

: ¢ - DFinEQuia DA
g acqualiseftipGDB; , ger , o,
b oeric & angulus bprep.g.1,
DAEangulo DBE
zqualis; cumq; tri-
anguli DAEvnum
latus A Eprodu&is
fitin B, ¢ ericangu- .
lus DEB maiorgn- Cprprite
guloDAE:zquales
funt autem anguli
DAE,DBE, maior ergd et DEB an-
gulus quam D B E ;4 mator autem angu- ¢
E‘xlsmaiu's latus fubtendit; maius ergoeft ~ -, *
D Blatos,quam DEteat DB ipfi DF - ¢ defir s,
quale eft; maiusergo et DF, quam D E,
minor maiore,quod fierinequit: Non er-
go quz cx Ain B ducitur extra circulum ..
cadit, Similicer oftendemus quod necin
~ ipfam peripheriam ; cadct ergo extra,

Siergoin circulo, &c. Quod
oportuitdemon-
ftrare.

aise

?fﬂ"l’f .

g

Prae
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Propofitio 3.Theor. 2.
i in cireulo recta quedam linea pe¥
sentrum dudia rectanon per centrum
duclam bifecet , & ad angulos rectos
ipfam fecabit: Bt fi adangulosre. -
Chos ipfam fecet,bifariam
guog, [écabit.

ESto circulos A BC, & re&a quzdam
CD per centrum ,re€tam quandam
AB non per ceatrum duétam bifecerin
F. Dicoquod & ad angulos reGosipfam
fecet. Accipiatur enim centtum E,ducan-
turque E A,E B, Cumque AF,F B zqua-
les fint,communis FE; etuntduzA F;
F E duabus FB, FE,&quales bafifque EA,
bafi EB: dergo & angulus AFE ingulo
BFE zqualiserit. Cum autem reQafu-
per reGiconfiftens
angulosdeificéps g~
gualcs fecerit, b re-
us erit Vrerque -
qualium angulorii:
vterque efgo AFE;
BFE reQuserit:er-
- " . . goCDpercentrum
du@abifecaf AB niopper centrum dudta.
DR aayulogiseles goram [tra(d Sed

¢
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Sediam C D ad angulos reQos fecet ipfsa
A B; dico &bifecareipfam, haeeft, AF,
F Baqualesefle. iifdem confiru&is, cum
E A, EB aquales fint; ¢ crunt & anguli crrepisre
EAF, EBF zquales : eft.antem: reGus
AFEre&o BFE zqualistduoergotri-
angula EA F, E FB,duos angulos duo-
bas an%ulis zqualeshabentia& viaum la-
tus voilateri,nempe commithe EF,quod
.;ni 'z ualinn_td‘angullorum ,f?btcnditur >
habebit: 8¢ reliqua latera reliquis zqua-
haszquales vm’g_ge:l funt AF,F B?Si cr;lo in dprop st
circulo, &c.Quod oportuit demonfirare,
Propofitio 4. Thecr. 3.
Si in circalo dua recie linea (e mutad
Jesens,now per centrumduiia fe
bifariam non fecabunt.
- Sto circulys
ABCD,in
D ¢oq; duz reQa
AC,BDndper
centrum duQz,
fe invicem in E
¢  fecéuDicoquod
- B - fe bifariam non
fecent. Sifieri poteft, febifariam fecent;
fintq; & AE,EC; & DE,g Exquales; & -
S acci-

’
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accipiatur eentrum F ducaturgy FE.Cum
ergore@a quzdam F E per centrum du-
&a, rectam quandam ‘A C non percen-
trum duGtam bifecet, ad reQos 4 angalos
ipfam fecabit: angulus ergo FE A re&tus
cit. Rurfus camre@a F By reQam quan-
dam B D non per centrum du@®am bife-
cet,ad b angolos reQos ipfam fecabit ; re-
Qusergoeft FEB. Oftenfusautem cft &

. FEArc&us:ergo EEA;2qualiseR FEB,

a “f:;f oo

minor maioti, quod fieri nequit: non er~
go AC,B D fe bifariam fecant. Si ergo
an citeulo, &c. Quod oportuit demon-
ficare. ‘ o
" Propofitio 5. Theor, 4.
Siduo cireulsf¢ imuicem [ecucrint, non
~ eritipfarwmidem centrum.
Vocircu-
li-ABC,
CDGfe inuvi-
¢ fecent in B,
& C. dicoipfo-
rum non eflei-

. demceptrit, Si
“eft;EQo E,iun-

; gmu: EQ, & ddczt;ﬂ EFGvecunque,Et

quia E centr

t

eftcirculi ABG,acsit EC
3 €qua-
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. wqualis EF. - Rurfus quia E centriim eft :
circuli CD G berit& EC zqualis EG: bdfifin
, Oﬁcnfa eft autem EG zqualis EF. erit
icar EF 2qualis EG, mitior maioris
uod fieri ncqmt Non ergo E tenttuni
, eftcirculorum ABC,CD@.Sicrgoduo
cm:uh,&c. Quodoportuit demon%rae‘

Propoﬁuos Theor.5.

. 5i dwo-circuli interiue [¢ comsingaut,
v aonrml’ormdmu»- _
srum.

D Y O _ circult

i ABC,CDB

fot tinterius in

C. D“:E:nllemm nd

cffe idem centrums

Sieft: EftoF, um-

gaturquc FC,

: ucatur FEB Vt-

Cunque. Cumergo F centrum fit circuli

ABC,4erit FC zqualis FB. Ex cumF adofis 5.y

centrum etiam fitcirculi CD E b erit F C bdefass,

zquahs F E.:demonftrata eﬂautem &FC
zequalisFB:ergoF Ezqualls eft FB, mi-.

normaiori ; quod fierinequit. Non ergo

F centrum c& circuloruw AG BC,CDE:

s a $i




! 1
100 B I8 X R KL !
Siergo duocnrcuh,&c.Q»od ckmonfh-a.
" re oportmt. : N,
Propofitio . Thcor.s.

Si in dismetro circuli acéipistar pun-
éhm, wod centrumnom [it,ab eoguc,)
murcalunl cadant. reda g#ldul,vu-.
 xima evisin qua eft centrsm; minivss
reliqua. aliarsm verd propmqmor &,
quaper centrsm trinfit yemotioress
Jemper maior eft: Dus autern tantum
cqule.r Apuntioik circulum ca.
ai'm' advtrafque parkes
S qfwmmfn. b

: $To dircuks

A"BC D, dik-
\m;ttus cius AD,
‘in qua fumdtur
pui&um quodui
. F,quod centrum
K non fit. Centrum
" anté fitE: Cadant
ab Fad circulum
re&z quzdam F B,F C,F G. Dico maxi-
mam effe F A,minimam F D:aliarum FB
majoremsquam F C; & F C maiorem qui
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6. jungantur enim BE,CE, GE. Et
¥ quiaomnis trianguli #duo laterareliquo aprp.ae.r,
maiorafunt,erunt EB, EF maioresBF;
Eftautem AEipfiB Ezqualis; funt ergo
BE,EFrqualesipfi A F ; maiorigitur cft
AF quam BF.:Rurfus cum BE,CE >
qualesfint communis EF; erunt duz BE,
E F,duabus CE, EF zquales; fed angu- * ¢
lus BE F.b maior ¢ft angulo CEP: crit bav.s)
eigitur & bafis BF maiorbali CF. Ean-'cprop. 2414
dem ob caufamrmaioreft CF,quamFG.
Rurfus cum G F, FE maiores fint quam '
EG:&EGEDzquales;eruntGF,FE <
maiores quamE D ; communisanferatur
E F;dreliquaergo GF,reliqud FD ma- dax. 5.
iorerit. Eft erge F A maxima; minima “
D F;maiorautem FB, quamF C, & hac \)
maior quam F G. Dicofecundo, quod ex
F duz tantum zquales ad circalum ca-
dantvtrinquea minima DF.¢ Conflitna. eprep.a3.%
turenimad Ere@zEF,angulusFEH ¢-
qualis angulo GEF, ducaturque FH.
Cum ergo GE, EH zquales fint, com-
munis EF erunet duz GE,EF, duabus
HE, EF zquales,angulufque GEF, an-
ulo HE F zqualis: figitur & balis F G fprep. 4.1,
gaﬁ F H erit zqual:s. Dico tertio, quod
ipi F G nulla alia xqualis cx F ad circu-
-5 G lum
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~ lum cadst.Sianiat :
cadit; Cadat FX.
Cum ergo vtraq;
FK,FHiph FG
fitzqualis;gerit &
FKipfi FHzqua-
lis : propinquior
ergoei,quzcfl per
centrum, zqualis
eft remotiori, quod fierinequit. Vel fic,
Ducatur EX.Cum ergo GE, EX 2qua-
hbefis.  lesfint,communis FE,item &bafis GE
iprop-80. bafi FK 2qualis;serit & angulus GEF
angulo KEF zqualis; fed G E F zqualis
clangulus HEF : erga& HEF zqua-
lis erit ipfi KEF,minor maiori,quod fieri
pequit. Non ergo ab F plures voa-ipfi
. G Fzquales ad circulum cadunt, Si
" ergoindiametro,fcc. Quod |
oportuit demon-
’ ftrare.
O
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- Propofitio 8. Theor. 7.
Siextracirculum ascipiasnr panitum,
ab eoque ad circulum ducantuy reila
-quadam livea, quarsm vna per cen-
trum tranféat,relique vt libes. Earum
gwidem,quein cauam peripheriam ca-
dunt,maximacfl,qnacft per censrum:
aliarum verd propinquiores, que per
centrym , remotiore [emsper mabor ¢5t,
At earvin, quainconsexam periphers-
am eaduns,minimacfl, queinter pun-
Eum ¢ dismetrsm imsevsjcitur salia-
yUm verd , gue propinguior minime
. Jemper remotioreminor ¢, Dus ant&
_ tantum aquales & puncto in oiycu-
lurs caduns advirafgpar-
E sesmimma,
ESto circulus A B C, extra quemacci-
A piatar pun&um D, ab ipfog; ducan-
turre@z quedamadcirculum D A, DE,
D P, D C.ducaturque D A per centrum.
Dico quod cadentium ad canam periphe-
riam A E P C maxima fit, qua per cen-
toum tranfic, D A minima, quz inter
punttam D, & diametrum A G interijei-
G 4 tur,
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tur,quzeft D G; maior autem DE,quam
D P,& hz¢ maior quain D C. Earum ve-
D "1l quz in conuexam

j peripheriam HLKG

¢adunt femper pro-
- pinquiorMINIM &
D G, minor eft re-
. motiare.hocefl, DK
minor¢ftquam DL,
& hzc minor quam
DH,Accipi_atur cen~
tram M, iungantur-
/ que ME,MP,MC,
MH,ML,KM. Et
A ¢um AM,EMeg 2.
quales fint,communis addatur M D,erit-
que A D zqualis vtrifque EM, M D; fed
bprep. 20,1, EM, MD b maiores funt quam ED:: er-
: go& A D maioreft quam ED. Rurfus
M E, M P zqualesfunt, cdmunis addatur

MD; eruntq; EM, MD zquales ipfis PM;

. MD:fed angulus EM D maiar eft angulo
cprop.241, PM D: eergo & bafis E D maior eft bafi

" P D.Similiter oftédemus P D maioréefle
CD.Maxima crgacft D A; maior DE

quam DP,& D P maior quam DC.Cum-

dprop 204, Qi€ MK, K D d maiores fint quam M D;-
car,s. ‘&M Cg,_,z‘q,ualis MK; eerit reliqua K. D
. ' mator

pdefirs,
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miaior reliqud G D:Quare G D minor eft
vam K D,eft enim ominium minima. Ec
quialinez MK,KD 3 terminis lateris MD.-
ncratriangulum M L. D conflitutz funty
f eruntiliz minores quam ML,L D:funt fprop.22, 3
autem MK, ML zquales: ergo reliquq‘
DK minoreft, reliqui DI.. Eodem mo-
dooftendemus D L minorem effe D H.
Minimaergoeft'DG; minorautem DK
quam D L,& D L minorquam DH. De-
indedico, quoda punto D tantum duz,
aqualcs in circulum cadant ad v;rafque‘
partesminimz. ¢ Conflituaturad M li- g srop 32
nez MD anguloKMDzqualisDMB,
ducaturque D B.Cum ergoMX,MB 2-
quales fint, MD c5munis;erunt dog KM,
M D,duabus B M,M D zquales.altcraals
teri, funtvero &anguliKMD,BM D z-. ‘
quales, 4 eruntigitur&bales DK, D hprop.sun,
xquales. Dicoterunorez DKia pun@o
Dad circulum qualem aliamnoa cade-
te,Sienim poteft, cadat DN. Cumergo
DXKftgqualis DN; &ipfiDK zqualis
D B; erits & D Bipfi D N zqualis, pro- iev.r,
pinquior mipima remotiori, quod fieri
non pofle demonftratum eft. Aliter. Du-
catur M N. CumigiturKM, zqualisfic
MN,commuais M D,&bafis DK zqua-
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lisbali DN, £ erit &angulasKkM Dan-
gulo D M N zqualis: fed KM D zqualis
cltanguloBM D ;ergo & BM D zqualis
¢rit N M DD, minor maiori; quod fierine-
quit:Nooergo pluresquam dugd pun&o
Dadcirculum A B Czquales ad vtrafque
partes D G eadunt, Si ergo extra circu-
lum,&c.Quod demonftrare oportuit.

Propof 9. Theor.8.
Siintracirenlum accipiatur panitum,
abeoquead circulnm plures quam dua

equalesreitacadant erit accepium
| punilumcenrramcirculs.

ESto intea circulum A B C acceptum
punéumD , ab eodue ad circulum

_ ABC plures quam duz reGz zquales ca-

/

1 dant,nempe DA,
DB,DC.DicoD
centram cffe cir-
culi ABC.iungi-

E 39— 1Gar AB,B Cbife-
o 19 centurquein E&
A [ B Pa&i“n&’E D)

, - DF,producantur:
H . nGK:&HL
Cumerge AE zq\xalis fir E:B,comngln)is
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" E Dserunt dug A E,E D,duabus BE.ED

aquales; eft 4 verd & bafis D A bafi DB
aqualis: crith igitur &angulus AE Dan-
gulo BEDzqualis: ¢ re@useigoveerq;
cftifecatdergo GKipfam ABbitariam, &

a ox bypes

rthefi.

bprop.8s. -

cdef 10.1,
dprop. 53,

ad angulos re&os. Etquia, ¢ quandoin ccorpmp.

circulo reQa re€tam fecat bifariam & ad
angulos reGos , in fecante centrum eft
circuli,eritin GK centrum circuli ABC,
Eadem ratione centrum eritin HL: &
nullum aliud commuoe pun&um habent
re&z GK, HL prater Dicftergo Dicen-
trum circuli ABC.Si ergointracirculum,
&c. Quod oportuitdesonfirare,

: Aliser.
INtra circulum ABC fumatur pun&um

D, abcoquead circulum plures quam’

: duz re&z zqua~
9 les cadant, DA,
DB,DC.DicoD

Q G cffe centrum cir-

culi ABC.Sinon

e.Efto E, &ii-

, &a DE produ-

- A [ catur in F & G.

« Eftautem F G diametrus circuli AB C.
Cum crgo indiametro F G acceptum fis
. pun-

3.

1defipm
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pun&uin D, quod centrum circulinon
bprop, 7, eftib erit D G maximasmajor autem D C,
quam DB, & DBmaiarquam D A; fed
& zquales funt; quodfieri non poteft. E
ergocentrum circuli A B Cnoa eft.Simi-
liver oftédcmus quod preter D aliud nul-
lum; D ergo centrum eft circuli,
Prapof10.Theor.s.
Circulus circulum in ply'ribta, glum'
duobus punitis mon fecat,
SI fieri poteft feceecircul* ARC circulia
DEFin pluribuspun@isqui duob’,vt
o " inB,G,F,H,

/ﬁ iunteq;BG,
- ’ B Habifecé-
! turinK & L;

}(L n LR atq; exK, &
v e 1 L ipfis BG,
EF—,

aprep.ie.1.

BHadbdan-

bpresany, - ulos re@os

proputter. C %u&z K C,

S . : LM,.in A,&

E preducantur.Ciergoin circulo ABC

recta quzdam AG,rectam quandam BH

¢ prop.3.9. bifawam, &adangulosreQos fecet,¢ erit
in ACcentrumcircult ABC.Rurfuscum -
incodem circulo A BCrectaquada N X -

. retam

o
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re&am quandamrB G bifarjam , & ad an--
ulosreGos fecet, d eritin N X centrum dprep.;.3:
circuliA BC, Demonftratumautem eft
quod &in AC:atquiin mulloaliepunélo
re&z A C,N X concurrunt ; quamin Oz
eftergo O'centyum circuli ABC Simili-
terdemonfirabimus centriicirculi DEF
in O cfle:duorum ergo circolorum ABC,
DEF feinuicem fecantium idem eft cen-
trum O ¢ quod fierinequit. Non crgo ¢prop.s.5s
circuluscireulum,&e. - . . . .
 Aliter. Circulus ABCcirculum DEF,
P X - .
in plaribus guam duobus pundis fecet,
v 40 B, G, H, F, Accipiatur citculiABC
R 4. centrumK,iun. -
ganturque K F,
KG,KB. Curh
) ergointra circu-
- J-lum DEFacce-
2 ptumbitpundip
¥ K.ub eodue ad
.+ & circulum DEF
cadant plures quiduz re@z zqualesK B, - -

i

KF,KG,aeritK centrum circuli D E F: dprop. 9.3 {r'
fed eftetiam centrum circuli ABC: Duo- :
rumergo circulorum fe (cciritium idem ‘
eft centrum; § quod fieri rion poteft.Non Bprop. 55 !
ergocirculus circulam. in pluribus quam CF

: R “duo- . J




1o LIesEr nue

duobus pun&is fecat. Quod oportait de-
monftrare, -

Propof13.Theor.1o.
Siduecirenlifeinterius mﬂiagtatir!.
€14 linea corsm centra coninngens, f3

producasar,cadet incontaiinm
. circuloram,

Vo circuli ABC,ADE interinsfe
contingantin A. Accipidturcirculi
quidem A BC centrum F; circuli ver§
. A - ADEtemram Gt

' Dico quod, quzex
"GinF ducitut, fi P
“ducatur, in conta<
&um cadat. Sinon. -
€ Cadatalid,t FGD
~  Hiungantuc§; A F,
B ﬁ AG.Cum ergo AG,

' 1. G Famaioresfintquam F A, hqceft,qua
A (equalisenim ctF A,iphi FH, efte-
' nim viraque ex centro) auferatur com-
munis FG : reliqua ergo A G maior erit

Mefisgq. TeliquiGH: eftautem AG,ipliG Db 2-
T qualiszeritergo G D maioripfa G H, mi-
_not maiore. quod fieri nonpowcft, Noi
age
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ergoquzex Fin G ducitur, extraconta-
&um A cadets Ergoinipfom, \
Aliter, Cadat vt GF C, quain Hpro-
ducatur,ipngantuu’l; AG,AF Quider- °
g0 AG, GF ¢ maioresfunt quam A F: cprop.2a.d
fed A F d zqualiseft C F,hoceft, FH: ddefi s
communis auferatur F G; eritque A G, '
quamreliqud G H maior:hoceft, GD
maior erity quam & H; minorquam ma«
1or; quod fierinen poteft. Idem abfur-
dum demoaftrabimus fi maioris centrum
fit extraminorem circulum. Siefgoduo
circuli,8.c. Quod oportuit demonftrare.
Propofirz.Theor.r1.
Siduocirenlifefe exserius contingans
rellaipforumcentraconiungens .
per contalinm tran- -
fhis. T
DVo circuliABC, A DBtaagantfe
exteriusin A.accipianturque circu-
lorum centraquz fintF, G. Dico, quod,
’?uz F, Giungit, per contaGtum Atran-
cat. Sinon: tranfeat, {i fieri poteft, vt -
¥ CDG; &iunganter-AF,A'G. Cum
igitur Fcentrum fit circuli ABCy 4 erit
A, zqualisFC: Etcum G Gtcentrum
e . circu= .

adefs s
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circui ADE erit& GA ipﬁ GD Zqua-
lis; Oftenfa eft autem & FA zquals F C,
SuntergoFA,AG ip‘ﬁs FC,DG zqua-
, les. QuaretotaF G maiot eritipfis F 4,
bprep.ae s, AGifed & b minor eft:quod fieri non po-
teft. Nonergo queex F.in G ducitura-
liorfum quam per A contatum tranfi,
Siergoduocirculi, &c. Quod oportuit
demonflrare. T :

Propof.r3.Theor.12.
 Circwlus circuluminpluribus punits
wne non tangit, fineinterinc,
fine exterius tan-

gat. '
SI fieri poteft , tangat primo circulus
ABD Ccizculum EB ¥ Dinteriusin

pluribus quam vne puntis, vtin B, D:
&
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8¢ fumatur cirenli ABD C centrom G:
eirculi.E B F D centrum H: ergore@a

centra G, Hiungens 4 cadetin contalus aprep.n.,
B, Djcadat& BG HD.Cum.igitur G fie
c&rumcirculi A B D C; erit B G 2zqualis

ipfi'G Djmaiorigitur e BG quam HD:

multo ergomaior B H, quam HD. Rure.

fus cum fit H centrum

circuli EBF D, zqua-

lis erit B H ipfi HD:

I3 oftenfa eftautem mul-
B toilla maior,quod fie-

D rinequit: Nonigitur
circulos circulum in-
terius pluribus quam . - ¢
vno pun&o tangit.Dico quod neque ex-
terius. Si enim fieri poteft,tangatcirculus
A CK circulum A B D Cexteriusin pla- »
ribus pun&isvno, vein A, & C, iungan-
turque A, C.Cum ergo in peripheria cir-
culorum AB D C, A C K acceptafine
quzcunque pun@a A, & C, 4 cadec reta 27743
illa coniungens intra vtrumque circu-
lum.Sed cadit quidé in circulum ABDC;
extraverocirculum ACK. & Quodeft bprop. 23
abfurdum.Non ergo circulus circulit ex-
train pluribus pun&is voo tangiz, oﬁ[eu- ‘
“ _— um
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fum ¢ft autum qood nequé intetius.
Circulus ergo, &¢c. Quod oportuit de-
monftrare; o -

Propof. u.‘l'herr.vt;_.

In circulo aquales recialinea aqualis
serdcentrodiftans.Et,qud equa-
" liter acentro diffant -
guales funt.

SVnto in circulo ABDC re&tz A B,

apropass JIC D, zquales. Dico cas equaliter a
. centrodiftare.Efto centrum E,34quo ad
YU A ¢ - reQasAB, CDper-
pendiculares dacan=

T4 AV tur EF,EG, &iun-

» NE gantur AE,EC.Cum
' ’ ergore&aEF percé~
B~ D trumduBa, reGam
) : quandam A B non
bprop33: per centrumh du®am, ad angulos rectos
fecet 3 b & bifariam eam fecabit : zqua-

. lesergofuntAF, F B: Ergo'A B dupla
d defnir,  eftipfiys AF. Obeandem caufameRC D
Jowsms.  duplaiplius CG:¢ zqualesergofunt AR,
cax7-  CG:cumigiur 48 AE, EC zqt;_alcs
’ ot int,
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fintie erunt & quadrata ipgarumfA E,EC
ualia.Suntautém ei uadrato fquod ex £ prp47.4
1:1 E,equalia quzex AF,EF (cft enim a- e
lus ad Frectus ) eiautem; quodex EC
mqualia fuit;queg ex EG,GC(nam &aa--
gulusad GreGtusef).) Suntergo quazeit
AF,EFzqualiaillisiqueex CG,GE.Cii -
ergoquod ex A F, zquale fitilli, quod ex
G C(funtenith AF, C G zquales)erit &
reliquam ; quod ex F E; reliquo quod ex
E Gzqualafintergo EF, E Gequales: 5 40 Y
Z Incirculoauté zqualiter d centro abefle gz
- dicunturre&z, quando perpendiculares
ek centroad ipfasdu&z, zquales fuetint.-
Sediam diftent A B,C D zqualitera cen-
tgo0, hocefl, EF,EGfintzquales: Dico
A B,C D zquales efle.iifdem conftruis;
demonf@iabirus, vtprius; AB duplam
efleipius AF, & CDipfiusCG. Cum-
4ue A E; CEzqualesfintjerunt & earum
quadratazqualia. b, Suntverdei, quod hprap.gz,i
ex A Ezqualia,qug ex EF,FA:& ci,quod
exCE;illaquetex EG,G Ciergoqueex
EF,F Ajfuntillisquz ex EG,G C gqua-
lis: Cumautemciquod ex EGzqualefis
quodex EF{funtcnim EG; EFzqua- =~ =
Ies)erit & rebiquim,qtiod ex AF;reliquo,
I 13 I

.,
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quod exCG, zquale, zquales ergofune !
AF, CG.Eftautemipfius AF dupla AB;.
& ipfius'C G dupla CD; zquales ergo
funt A B,CD.In cisculo ergo zquales re-
&z, 8¢, quod oportuitdemonttrare.

o .
Propofirs.Theor.r 4.
Incirculo maximaesidiametyus: alig-

r8m vers emper que propingsior
e centroremotiore ma
sor es?.

EStq circulus ABC D, cuius diame-
wrus AD, centrum-E; propinguior
diametro B Cyremotior ft F G.Dico ma.
' ximam effe, A D,maio -

rem BC,quiF G.4 Du-

aprop.taat 14 canturenimacentroad
B C,F G perpendicula=

res EH,LEK.EtquiaBC
GRPC propinquior eftcentro, -
. remotior FG: § maior

bdrtset. eritEX,quamE H. ¢Ponataripfi E Ha~
prepri, qualisEL; & per L d ducsturipfi EX ad
angules re&os L M5 quadu@aio Ninn-
gantar EMEN,EF,EG.CumergoEH

1ipGE L fitzqualis, ¢ crit& BCipiM N

£qua-
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- equalis. Rurfuscom AEIpAEMED ¢ppy, 10,4

verdipfi EN fitzqualis; erit& A Dipfis
ME,NE zqualis:fed fFME,N EiplaMN
maiores func: erit ergo & A D maior qui

MN.Etquiadue ME,EN, dusbus FE, fprapse.s

E Gzquales funt; angulas verd MEN
maioranguloFEG: g erit& balisMN

mafor bafi F G:fcd MN oflenfaeft 2qua- grrop 244

- lisBC:ergo& B Cmaioreft quamFG.
Maxima'ergo eft diametrus; mdior BC
quamFG., Si cr%oin circulo, &c, Quod
oportuitdemonfirare,

Propof.16.Theor.1 .

Quadiametroadangulos reiios ab ex.
' gremitateducitur , extracirenlumce.
. dit.Etinloci, quiinter retam lineam
& peripheriam interiicitur, aliareiia
mon cadit. Et femicirculi anghlus omni
acstoyeltilineo maior e reliquus
' autem miner.

7 Sto circulus AB Ccirca centrum D,

& diametrom AB.Dico re@1 lineam

ab A ipfi AB ad angulos re@os du@am
extra circulum cadere.Sinon:cadat,fj fie-
ripoteft, intra, vt AC, &iungatur D C,
v H3 Cum
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Cum Ergo D A fitzqualis DC,erit & ans
gulus DAC angula ACD zqualis: eft

"~ autemD A C* re&us,
:b:;‘."’”‘ : 1] re@usergoerie & AC
L ED:funterga DAC,

A C D duobus re&is
§ - zquales, 4 quod fieri
o nequitNon ergo que
ab A punGoipliB A
- .adangulos re&os du<
. T . citar, intra ¢irculum
¢adits Similiter oftendemus quod necin
peripheriam : ergo extra cadit, vt AE.
Dicofecupd,in locuminter AE,& peri-
pheriam CHA interie@um,liam re&am
non cadere. Sipoteft: Cadat, vt FA, du-
caturdue ex D'ipfi F A perpendicularis
- DG. Etcumangalus AGD re&usfie,
borer.ss t b minorre@aD A G; ¢ erit AD maior.
<8194 guam DG ¢ eft autem D A equalis ipfi
’ D H;mator ¢rgoeft D Hyquam D G, mi-
pormaiore; ciuod fieri nequit. Nonergo
inlocumre®@2 AE, & peripheria CH A
interceptum,aliareQa cadit. Dicatertio
angulym femigirculi re@a AB, & peri-
pheria C H A contentum, emni acuto
reQilineo maiorem efle; reliquum verd
peripheria CHA, & re@td A Ecopten-,
i . S ) ‘“m'.

pres y

+
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© gum, minorum. Sienim eftaliquisangus

us maiot contentore@iB A, & peri-
pheriaCHA; minor verd contentq pe-

ripheraCHA, & re@3 A E, cadetinter

peripheriam CHA, &retam AElinea
retta, que faciatapgulum majorem re@d

BA,& peripheria CH A contentum(qui

re&is lineis contineatur) minorem verd

peripheria CH A, &re@a AE conten-
tum:at nangadit. Non ergo eritangulus -

-gcutus re€lislineis contentus,, qui maior

fitanguloreGaBA, & peripheria CHA

coutento;neq; minor, CHA,& A E cony

©ogento, - .k O .

Corollarium.

L Ex his manifeftom eft re@am, que dia-

metro ab extremitate ad angulos reGos
ducitur, circulum tangere. & re@am cir-
_culum in vno duntaxat pun&otangerct
fiquidem quz circulo in duobus pun&is
occurrunt,# intra circulum caderc often.

fum eft. Quz ergo diametro, &¢. quod o-
postuit demonftrare, 7. :

P_ropoﬁw.Probl.z. ‘

A dutopunita rectamliveam ducere,
qua ddtﬂm:irm,lam;mg“.’ .
H 4 'Efta

. ’:g !

°
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Sto punum datum A, circolus da<

tus BCD. Oportearautem cx pusre

&o A re€td ducexe,quse

M circulumB C D angai
€ Accipiatur cétrom  cir-

culi E, ducacurdue AE,
v g & centro B, interuallo
EA defcribatur circalus
sprpa13. AFG, & ex Dre@z E Aad sangulos re-
.~ &osducatur DF,iunganturg; EBF, A B:
Dicoi pun&o A reQam AR duGtam efs

{e,que circulum BCD tangat.Cum enim

~ Ecentrumfitcirculorum BCD A F Gy
“wdefasa. berunttam EA,EF,quam ED,EB 2+
quales: duzergo AE, EB duabus FE,

- E Daqualesfunt, habent§uesngulum E

g propo gur, COMMuUDé{ecrit igiturbalisDiFbafi A B
" mqualis; &triangulum DEF,triangulo

E B Azquale; reliquiqueangulireliquiss
eftigicuripi E D F ¢qualis EBA: atEDB

reQuseht; eritigituc & EB Are€tus. Eft
dearslprs- verd EB ex centro : d quzautem diame-
P83 rra circuli ad reQos-ducitur re@alinea,
tangit circulum : tangit ergo A B circu-

lum.A dato ergo pun&o,&c.Quod
_ oportuitdemonfirare.

0
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Propofitio 18. Theor. 16.

" Sicirenlum sangat lines quadam re-

Ea,acentroantemadtallum rells du-
sastaryerit ilaadsangentem per-
pemdiculars.

' T ‘Angat rc&a

quetam DE
circulum ABC
in C, fumaturg;
centrumF,atque
et NG ] ab F ad C duca-
i P QG G@E  twrFCDicoFC
ad D'E perpendicularem effe. Si son: du-
cator ab F ad: D.E perpendicalaris F G.
Cum ergoangulus F G CreQusfit;aerit, prop.s 2.,

- G CF acutust b cumque maiori angulo bprepry.c.

maius latus fubtendatur, erit linea FC

maior, quam FG: Eft verd F Cezqualis cdefers.
ipfi FB: maior cft ergo FB,quamFG, )
minor maiore, quod eft abfurdum: non.

ergo FG ad D E perpendicularis eft: Si-

militer oftendemus preter F Cnullam a-

liam: F Cergoad DE eft perpendicularis,

Si ergocivculum tangat, 8¢, Quod
oportuit demon.

. ftrare, :
Hg = Pres
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Propofitior9. Theor.17.’
Sirecia limeacirculumtangat, & atas
#n tangensi rella quadum ad angubos
reékos dusatur, exit inills cem- .
— pramcirenly.

"I'A GAT cirs
A cinn ABC
rp&a DEig C,&
¢x Cipi DiE ad
apgulos reCtos du-
H E catur CA, DiCO il_l .
Lo .CA eflecentrum
eirculi. Si non: fit,fi fieri potefl, F, junga-
turque CF. Cumergadtculum A BC

... tangatre®a DE, & a centro ad taGum;
sprvp:as.; dudtalit F C, serit F Cad D E perpendi-:
C cularis: angulusergo FGE reQuseft seft
. verd & A CE re@us: equalis ergosltan-.
gulus F CE,angula A C E, minor maio-:

5i; quod. eft abfurdum : F ergo centrum

circuli AB C non eft. Similiter oftende-.
mus nullumaliud efle, preetes id quodin

.- AG Si ergoreflalinea, &c. Quod.
L .demonftrare opor-
oottt

*6(i0:)sem A
o Pre-

<
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Propoﬁno ao.‘l'heox: 18,

In circulo angulus ad centrum daplml
¢ angiili ad peripheriam, qmdo .

A (mdewpmpbemwprohﬁ
. ~labent, .

Aot Stoin circulq
N " 4 ~A B C angulus
D " ad centrum BEC,
- ad peripheria BAC,
frque vtriufque ba-
s peripheria BC,
*7  Dico angulid BEC
- duplum effc anguli
B A C mn&acmm AE pmdtmtur in F.:
Cum #ergo EA aqualisfi ficipfi E Bj cric adefiis.qq
& angulus E A B 2qualig angulo EBA; .
Sunterga E A B,E B A dupliipfius EAB; bprep. g’
eftbaviem REE zquabs duobus EAB,’
ERBA: Eﬁﬂ'goBEqu usipfias EAB.-
" obeandem csufameft angulus FEC du-.
" plusanguliEAC: totuscr goBEC toti-
usBA dnplusc&SuaheranguhsBDC;
fup&aque D E praducaturin G; & fimi»
® lJiter dcmonﬁrab:muungulum GEC du-°
plum effe anguli ED C; quorum GEB
duplns eﬁiy 1us EDB.rehquus crgoBEC
u.
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duplus erit reliqui B DC. Siergoin circu-
lo,&c. Quod oporuit demontftrare.

\ ot . “ v . . . y._
. Propofitie21,Theocr.1 9. .
In civenlo qui in eadem portione fum

anguli,equales funt.
S Slrr_ in portione
% _ OB A B D virculi

, ; ABED anguliBAD,
él‘ ' BE gg Dico illos »-
)\ : qualds effes Accipiatur
N\ -centrym F;ducanture
Bl 72 queBERED. Et quia
Lo S angulus'BFD ad cen-
trym eft; angulus B A D ad peripheriam,
sy ha‘bent'qu:ﬁﬁm eandem peripheciam -

BC D:setit.angulus BF Dduplusangu-.
""”’ “iBA D.-Ob:gxcm.caufamu?it mg\ﬁus:
B¥ D duplus anguli BE D ;. Sunt ergo;
BA D, BED gquales; Incircnlo ergo,
& Quod oportuit demonflrare, -

. ~'l’fap66tio;iz.':lfl~1§of;zo.y
Duadrilaserorum in cirealo deferipto-
- v anguli, quiex aduerfo,due-
. bmarectis aquales funt.
do N : ‘ Sit
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It in circulo A'B C D quadrilaterum
A BC D. cho angulos exaduerfo effe
__zquales duobus re-
€ &is. Ducantur AC,
BD. 4 Quiaergoom- aprep.ja.
nts trianguli tres an-
/ guli duob’ reétis funt
A . quales ;érunt & tri-
A8 i AB C tres
CAB,ABC,B CJ A dtiobusreQis zqua-
les. Eftqutem CA B 6tquahs BDC an; bprep.nns.
ulo ( funt enim in eadem pomone
EA.DC)&A CBipfi AD B (funt enim
in portione AD CB:) totusergoADC
duobus B AC, A CB zqualis it : Com-
munisaddatur ABC duobus BAC, ACB
fimul: & vni A D C feorfim ; cruntque
ABC,BAC,ACBduobusABC,ADC
zquales. ¢fecd ABC, B AC, A CBzqua- bp"}oﬂt‘
les funt duobus re@is:erant ergo & ABC,
ADC zquales duobus re@is. Similiter o=
flendemus & BA Dy DCB zquales effe
.duobusredis. Quadrilaterorum er~_
gos&e¢. Quod oportuitde-
monﬁrare. :

Pre-
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Propofitio23.Theor.21.
Super cadem recls linea dia circuld<i
Yum poritonés fimiles, & inagqnales
adcafdem partes,nom. *
- confliruentur.
Ificripoteft,cd+
) flicuantur fuper
:laacm re&a AB
_ duz circulori por-
‘A z% Brtioncs fimiles,&in-
~ =quales ad eafdem
partes; ACB, ADB; du@aque ACD
_ iungantur CB', BD. ‘Cum érgo portio
§dof114. A CB fimilis fit portioni AD B, afimiles
autem portioties zqoales angulos capi-
ant,erant anguli A CB, A D B;zquales;

bpropaea externus & internius oppofitus, b quod
" fieri nequit. Non ergo fuper eadem, &¢.

Quod oportuit demonftrare:
-Propofitio 24.Theor.22.
Super equalibus reliis lineis fimsiles
sircnlorum portiones,aqua-
les funt, -
Intfuper zqnalibusre&is A B, CD fi-
miles circulorum portiones A E B,
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CP’D\. Dicoillas effe2quales. Cpngru.-. L,
~ eate enim portione AEB porrioni CFD, ,

..... -

g o L
FEANn

.

' pofitoque A pun&oluper C, & reGa AB
fuper CDicongruet &B ipfiD,quod AB,
C D zqualesfint. Congruente autem te-
&a ABre&z CD; congruet & portio
A EBportioni CF D.Quod fire@a qui-- T
dem A B congruat reGz C D; portio ve-
ro A EB,portioni CF D rion congruat;
fedalid cadat, vt CG D, fecabit circulus
cireplum in pluribus quam duobus locis N
vtinC,G,D 4 quod fierinequit. Non er- $#7opibge

' gocengruente reéta A Brectz C D,non

. congruet portio AE B, portioni CFD: ‘
Congruetergo, b adeoque #quialis illi e~ D482
rit. Siergo fuper, &c: Quod oportuit de-
monftrare. . N

Propofitio 2 5. Probl.3.
Dataportione circuli,defeviberecireu-
- dum cuins eff porsio. Sy,
. SIt data circuli portio A BC, oporteat- :
 Wquedefcribere circulam 4 caius A B {(_3
: : 1t

R
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sprop. 1o, fit portio. # Bifecetur AC in Di&jex D
bprop.ss. bducaturipfi A Cadangulosre&os D B,

Az_r L .jA[/Dizﬁ.‘J

iungaturque AB. An-

' lus ergo ABD ,angu-

25 Fo“BA D aut cft maior,

aut zqualis, aut minor,

) Sit primo maior, ¢con-

ot AT © ﬂitgaturque ad ArzQz
A Bangulus BAE zqualisangulo ABD,
producaturque DBad E,& iungatur EC.

- Cumitaque angulus ABE fitzqualisan-

iptop. 6.1 goloBAEderit & E B zqualis 1pfi AE;
& cum A D zqualis it ipb D C, i com-

munis D E addatur,eruntduz AD,D E,

duabus CD, D E zquales,alteraalteri; &

angulus A D Eangulo C D E zqualis s eft

eprep.¢. 1. enim vterque reétus; eergo & bafis AE
bafi C E zqualis erit, Sedipfi AE dem3-

firata eft BE zqualis; eritergo& B E 2-

qualis ipli CE:tresergo AE,EB,ECe¢-

. fprop. 9. 3. Quales funt: feirculus ergo centro E, &
interuallo vngipfarum AE,EB, ECde-
feriptus, tranfibic etiam per rcl,iqua_pm_'-
ai ‘ *  cionis
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tiohis phtcta,8tirculub defcriptus erit,
Circulierga portiogedata sdefcriptus eft
circulus,cujus eft portio ; 8 cum centrum
extra portioné ¢adac, manifelt eft por-
tionem minoré-effe femicirculo. Simili-
ter fi ABD’ahgulus,fuerkéqualis angulo

BAD, gerit'A D zqualis verique B D, g exfiran

DC; ergotresiDA, DB, D C gquales Hu;.«,m

funt,& D centrum cir;ul‘i sportioque fe-
micircutas. Siveroangulus A B D mintor

fueritangalo BAD, b conflitudrurad A A3

reGe B-Aangulas B A Prqualis angule
AB Djchderque centram in'D B lingeuam

intraportionem'ABC, & ¢rit portioABC

femicireulo maiot. Si erpo dudatur EC

oftédetur vt int prima figuratresBE,EA, s
E Ceflexquales: Dataergo portionecir- . . ..

culi; deferipraseft circulus ; caius eft pora
tio, quod oportuitfacere, - :
Prapofitioz6.Theor.23..
In aquslibus civculis equales anguli 2
gualibis peripheriss infifiunt , fiue ad
centrafiucadperipherins in-
. Siftant, .
IN circulis 2qualibus ABC, DEF 2-

qualesinfiftantanguliad centra,B G C,
. I EHF;

'.%‘b
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EHF;ad peripherias BA C,EDF. Di-
coperipheriasBKC, ELF zqualeseffe;

B B

Tungantur B C,E F. Etquiacireuli zqua~

s defir.3. lesfunt,#crunt & quz cx centris zquales,

DuzergoBG, G C,duabus EH, HE 2-

uales funt: f¢d & anguli G, Haquales

bprep- 4. 1. funt: b ergo & bafes B C,E F zquales eriac,

Esquiaanguliad A,D gqaales ponuntur,

€def 11.3. ¢ erumtportiones B A C,E D F fimiles, &

dprop.agat funt inzqualibus re&is BC, EF, 4 quae

rop-ie. autem circulorum portionesfimiles in 2=

qualibus funt re@is lineis, zquales funt ;

portiones ergo BAC, EDF 2quales funt:

Sunt-vero & toti circali quales; reliqua

ergo peripheria BKC, reliquz EL F 2-
qualis ¢ft. In zqualibusergo, &c.

Quod demonftracgco-

. portuit.
«0¢(0) 50>

Pro-
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“ ¢ Propofitio27. Theor.24.

In aqualibus cirewlis anguli guieguas
-~ libus infiffuns peripheritc, equales =
.. funt,fine adcentra.finead pe- C s
© - vipherias infiftant, -

N zqualibus circulis ABC, DEF a4

qualibus peripheriis BC, EF infiftane

B

" angulisd centra BGC;EHE  ad peri.

herias BA C, ED F. Dico tam angulog
G C,EHF,quamBA C,EDF zqua-

les effe. Sienim BGC, EHF 2zquales
funt, #perfpicoymelt & BAC,EDF &- aprip.sa
qualesefle. Sinop funt : erit vous miaior. -
Sit maior B G C:& b conflituaturadpun- b srep.a5:
&um Gre&z BG angulus BG Kzqua-
{isangulo EHF: ¢ anguliautem 2quales cprep.s6.p
wqu,alibus peripheriis infiftunt, cum funs )
sd'centra: peripheria ergo BK zqualis
*sisperipheriz E F: fed & E F zqualis

“BC: ergo 8ipli B Caqualis eris B K,mi-

Iz nor
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nor maiori ;. quod fieri non poteft: Non'

ergo anguli BGC,E HF mzqmles fum;
dprop.20s3. zquares crgo.d Eftque angulus ad A’ ant

uli BG C; &angulus ad D anguliEWF

PPrYNE §|muh§- ¢ Sunt erge Xasgali ad A,D

gquales. In #qualibus ergocirculis, &c.

, qud opqmur. dcmonlirarc. e

Propoﬁuo 28, Theocr. 5.

I aqualibus circulis aquales yeite li-
wea qulc: peripherias asferunt;ma.
dorem quidem masoris minorem
autem mmar:.

SI KTin zquuhbus circulis ABC, DEF
qqnalcl re€lz B»C,E F, anfercn tes pg.-

rif heml maloresB AC, E DF; mmores

B G C,EHF. Dico tam malores peri-

pherias, quam minores2quales effe, Su-

‘mantur enim circulotumcentraK, L, &

ducamur K B,K CEL,LF;& fux}: c::l;
<



\
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% culizquales; sergo & que ex centris z-24¢ 11y

#

gusles erunt:igitur duz BK,K C,duabus

. EL,LF zquales funt; fed &;bafcs BC,

E F zquales funt: berunt ergo &anguli b2onde v
B KCq, ELF zquales: r 2 Ealcs autgcm o268
anguli zqualibus peripheriis infiftunt

cum fuerint ad centra; crgo peripheriz
BGC,EHF zqualesfunt; fcd & toticir-

culi funt zquales: reliquz ergo. periphe- .

. rie BAC, EDFzquales quoque erunt. <

si ergoinzqualibuscirculis, &c. Quod

oportuit demonftrare, N
. Propofitioz9,Theor.26. "
In aqualibus circalss aquales periphe-
viasaqualesrecialineafuh-
: tendunt. s e
ACcipianturin zqualib® circulis ABC, ﬁ Gide.
DEF gquales peripheriz; BGC,’% "r:;’
EHF, & ducanturre@zB C, EF: Dico” ¥ 7™"
retas BC, EF zqusles effe. Sumantur:
enim circulorum centraK,L, & iungan-
twrBK,KGEL, LF; Cum ergo periphe-
riz BG C,E HF zquales fint, # crant® 5y, 49,5
lnFulg',BK C,ELFzquales; 8 cumcir- .
culi zquales fint; berunt, & quzex cen- b1z,
tris zquales : Duz ergo BK.KC, dua-
basEL; LF zquales %unt » continentq,
: 13 - =zqus-
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W p.n equalesangulos scergo& bale BG, EF
zquales erunt. In 2qualibus ergo circu-
lis, 8¢c. Quodoportuit demonitrxse,

Propofitio 30. Probl. 4.
Datamperipheriam bifariam fecare,
ESto data periphe-

X ’ riaADB, quam
. ﬁ \, bifecare oporteat du-
Mpeepro.s, . | " s catur A B,abifecetur-

bpropuat.s. S quein C; & ibpun-
&o C ducatur ipfi A Badangulas re&as
C D, iunganturq; AD, DB.EtquiaAC
wqualis ¢ft C B,communis C D; erfit duz
AC,CD,duabus BC,CD zquales, & an-
gulus A CD angulo BC D zqualis, cft
esr3p.4.7. enim vterque re€us ; ¢erit ergo & bafis
479290 AD bafi DBzqualis;d zquilesauté reQae
‘. zquales peripheriasauferunt,maioré ma-
~ iori,& minarem minori,cflq; vtraq; peri-
phetiarum A B, D B minor femicirculo,
quareperipheria A D zqualis eft periphe-
tiz D B: data ergo periphcriabifc&a eft.

- Quod oportuit facere.

Propofitio 31. Theor.2y.
Inciveulo angulse, qus in [emicireslo,
reitms eft; qus im partieme maiore mi-

»or;

-
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moy 5 gqui im minore maior vefle eff,
Infaper pm_'oré' portioni grzgulm wa
‘- dwrellosminork reliomi-

S morefh.
$to circulus.A B.C D,diametrus BC,
centrd E, & iungantur BA, AC,AD,
' ‘2 D C, Dico angulum
BAC in femicirculo, X

=D reGumcfle. ABC,qui
. A“\ - eftin portionc maiore
3 ¢ femicirculo, minoréd;

- - - ADC,quicftin pos-

tione minore, maioré

re@o.Ducatur AE; producaturg; B A in
F.Et quia BE,EA zquales funt,a crant & aprep. 5. &
anguli E A B, EB A zquales.Rurfus,quia
EA,EC zquales funt,eriit & angui ACE,
CAE zquales: totus ergo B A C duobus B
ABC,ACBzqualis eft. bEftvero & FAC bprepgat
externusduobus ABC,A CBzqualis: z- ‘
qualesesgofunt BAC,FAC;cergo reQus 4101
vterque. QuareangulusBACin femicir- - E
culoBACre&’el.dEr quia trianguli ABC 44,0974,
duoanguli ABC, BAC duobus rectis mi-
nores.{funt;BAC antére@us eft;erie ABC
minorr¢fto; &cltin portione A B Cma-
iori femicirculo. Rurfusquis ABCDin
Sy ' 1 4 ' dl’-‘
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spropas,3, circulo quadrilareri cft ; ¢ quadrilaterord
autéincircnlo deferiptotii,quiexaduerfp

anguli duqbys redis
gquales funt ;* erunt
ABC, A DC duo-
-bus redis aquzles; &
c ¢t A BCovinor re@b;

reliquus®rgo A D C

‘ imaior; &-¢f} inporti-
oneminare femicirculo.’ Dico praterea

maioris portionis angulil contentutn pe-
ripheria. A B'C, & re@a.AC maiqrem

effe re@o ; minaris verd portionis pe-

ripheria A D C, & re®a AC conten-

tum , minorem. Quod “per fc apparet.

Cum enimangulusrectisBA, A€ cSten-

tus rectus {it, erit qui peripheria ABC, 8¢

recta AC continetur maiorre&o.Etcum

angulus re@isA C,AF cotentus,reGus fit;

erit reGta A C, & peripheria ADCcten-
tus,minorreo,Aliter demdftratur BAC

recti effle, Angulus AECdupluseftangu-

§27%2320 li BAE,g 2qualis enim eft duobus incernis
& oppofitis.Eft veré & A EBduplusan-

guli EAC:anguli ergo AEB,AECdu
plifuntanguliBA C;atAEB,AEC=+

uallc;t {untduobusretis:ergo B AcCre=

useft, L '

Corol-
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| [orol’armm.a |
‘Exhis manifdlumcft, {iintriangule

~vnusangulus duobus fit zquahs ,eumre-
«&um efle,quod etiam,quicfteideinceps, -

duobus rectis zqualis fit:fcum auteth an- fdef.re. "

gulideinccps zquales fucrint,reGi func.

Propof’32.Theor.28. /

Sicivenlum quadumreiiatetigerit, &
ataltuducatarreiia circulum fecans,
erunt anguls quosad tangentem fucit,

" wqualesillis, quiin alternis civculs
portionibus confiffunt. .,

TAngat circolam ABCD re@aqne-

damB F,m B;dquoducaturatiaB D

fecanscircolii.Dico

p angulos, quos BD

: eum tangentefacie,

3z gqualescffe illisyqui

funt in altersis cire

-~ -culiportionib’thoe

E 3 eft,angulam FBD
¢qualem ffc illi,qui eftin portione DAB:

angnlum verd EBDilli, quieftin portio-

ne D CB. a4 Ducatureajm ex Bxpﬁ EF apropaarge

ad angulos re€tos B A, & accipiatur in pe-
| - riphes
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ripheria B D quoduis pun&um C, & du
cantur AD, D C, CB; & quiacirculun
ungi: re@aquedsm EFinB, & dta&uB
duédtaefttangentiad angulosreos B4,

oprep.31.3. b eritin B Acentriicirculi:eangulus e

dprepazg

- lis.Siergocirculam re@a quedam,&c.

R S R BN ‘haf‘.< N -

ADBin femicirculo exiftens, reGustch
. A ' reliquiergo BAD,
ABDvnireQozr
* quales. Sed & A Bf
reQus eft , zquals
o ergoangulisB AD,
T = AB D; commauoni
o A B Dauferat: ergo
reliquus D B F erit zqualis reliquoBAD
inalterna circuli portione exiftéu. Et que
A B C D quadrilaterum eftin cireglods-
feriprum, d eruntanguli oppofiti d uobus
£ebtis zquales: erunt ergoanguli DBF,
DBE gqualcs angulis BAD,BCD;quaori
B A'D oftenfus elt zqualis DBF; eriter.
go&reliquus DB Erelique D €Binal-
ternacirculi portione DEB exiftés 2qua-

.. .Quodoportuitdemon- _

“oll .PI'O:-

FEL
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... Propofi33.Probls.

Saperdan recta defcribere portiomem

ctrcuh,qu.cnput lngulumlqudcm ce
. datoangnle rectlivio, '

Tt data re-
Galinca A
B, datus an- -
gulus rectili-
neusC, & o=
porteat fuper
AB partiond
circuli defcri-
bere, quaran- ,
E Fulum zqua-
em anguloC
3 sapiat. Angu-
PergoC,aut
acut®, autre~" -
- &us,ant ab-
tufus eft. Sic
) pnmo acut®,
vt in prima
AB defcriptione.
. a Coftitnatar apn,.gj
2 ad Apa&um
re®z ABan-
5“1‘“ BA D, zquahs angnlo C,quiacu=
tus
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b prop.re.s, tuserit-Ex b A ducaturAE ad angulos re-
cprop 10.1 &osipli AD;arque AB in F ¢ bilocerur,
dpropus. s ExF d duca-
turFG adan-
‘gulos re&os
. 1pi AB, du-
§ . atng; BG,
. Etqua AF

~ equalis ek F
" B,dommunis

- FG;erutdoz
AF,FG,dna-
bus FB,FG
zquales, an-
N\gulusque AF
\E; angulo G
" "7 KB &qualisp

~.

' o C: eritergo &
eprap. 4.1, d\H =" bafisAG baf
& 3

B G zqualis.
_circulusergo
centro G,in-
. terualle AG
‘ ' o= defeript® w3-
¥ gueins. fibit etiam por B, Defetihatur, & fit ABE,
Sr.oximess iungatur queEB.* Cumitiqueidiametro -
:;; % AFEab cztremitaté\Ad'ﬁngtt!os reQos
£ prop, cor, fitdua AD £, angesipfadirculum;com:
4,3, ER ‘i“e



.
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' §uecireulum ABE re&a' qugdam AD1d-

at,-ﬁtc’luc ata&u Aincirculum du&are-
ga, AB; g eritangulus D A Bzqualisan- g27%-433
aulo AEBin.alternafl &ione AEBexi- - v
?lcnti:fcd D A Beftzqualisangulo Ciigi-
tur&angulus C zqualiserit A EB angu~
lo.Syper data ergore€ta ABportiocircu-
lidefcripta eft capiensangulum A EB. 2+
qualemangulo C. Sitiamangulus Cre- .« «
Gus,fitqaerurfus fuper A Bportio circa- *
licapiens angulum re@o Czqualemde- = "+ °
{cribendah. Fiatangulus B A Dangulo C hprop.ap.2,
zqualis,vein 2.defcriptione:s ABin F bi- ' 277/
fecetur;& centro Fyinteruallo F A aut FB
defcribatar AEBcirculus. & Tangirigi- K cor prop.
tur.re&a A D circulum, quod angulus 14+
B A Dre&tus fit:fed angulus BA D zqua-
liseft & anigulo C;/ & angulo AEBinal” 1,y 454,
terna feCtionezeritigitur & AEB, angulo
C zqualis. Defcripta ergo eft fuper AB
portiocirculi A E Beapiensangulia AEB
zqualemangulo C, Sit tertio angulus C
obtafus.m ponatur ci ad A reéte A B z- mprep.25.1
qualis BAD , vt in tertia delcriptione,
nducaturg; re@z A D adangulos reos nprep.1r.1,

 re®a AE; & ABinF obifecetur, cuiexF o prepso.re -

ad p angulosrettos ducatur FG, &iun= ”
gaur GB, Cumitag; A Fzqualisfic F B, B oropett ."
o - coms= - T
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communis FG;eruntdue F G,AF, dua-
. busFG, fBquuaics, &angulus AVG"
#a. anguloBF Gzqualis: 4 eritigitur 8iba
wr ﬁsgA G bafi BG zquah’s. Cigculus ergo
centro G,interuallo A Fdcleriptus tran-
fibit etiam per B, tranfear ve A E B. quia
ergo diametso A E ab extremitate A ad
reorprp. 30gulosretosduttaclt AD,? tangeeifla
t5.3 cizcoli;&cum d sa&uAin circulom du&a
sprop.32.3. (it AB,seritangulusBA D zqualisangu=
-+ = Jo AHB,qui d?in alterna porticne circu-
do liAHB.- Sed angulus BA D 2qualis oft
angule C. eritergo & angulus AHBin al-
4+ ... terna portione qll;alis angulo C. foper
. data ergo re@ta A B defcripta eft portia
circuli AHB capiens angulum 2qualeny
~anguloC.quod oportuitfacere. ~ * -

‘ Propof.34.Probl.6. f

A dato circulo portionem Au]}'rrr'c).f

guecapiat angulum aqualemdate
swgulorettilineo.

ESto datus circulus A B C;datus angus<
lusreilineus D. Oporteatautemd

' sirculo A B Cportionem auferre, tjug ca=
piatangulum,angulo D zqualem. Ducas
aprop.aza, Wt EFtangenscircaluminB. 4 Conftis

y U
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maturé, ad B re&z E F anoulus FBCg-
qualis ang ulo D.Cum ergo o circulG ABC
tangatreCta ER, &4 ta@n B du&a it BC;

beritangulusF B CgqualisanguloBA C bprap.say

inalternaportione B A C conltituto:fed

igitor& BAG in aleerna feGionceiders
. angulo ‘D qualis. 4 dato ergo circulo
ABCablata eft portioB A C capieps an-

postebat facere,:
“ Propofi35.Theor.2s.
Siincirenlodnareilafeinuicem ﬁm‘,
' erisreFanguimportionibus vmine -
* eontentum,equaleportionibus
. alterius comtento. ol

-t

~ Ecentin circulo ABCD fei muxcgm ‘.

duzre&tz A C,B Din E.Dico re@an-

lam A E, EC contentum , zquale efle

‘ E,E B contento.Siigitur A C, B D per
: cen-

Iy

angulus FB'C zqualiseft anguloDrerit - . i

gulsm zqualem dato angulo D, quod o . .

-~
\

.
Cond
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“““““ N (o4 .
centrum tranfeant, perfpicuum ¢ft cum
A E,EC:DE,EB¢quales fint;etiam AE,
ECcantcotum,equale efle, DE,EB con-

v: - tento.Quedfipercontrim nd tranfeante
accipiatur ceatrum F; ab coque ad re@as

aprep.2t.0. AC,DB a4 ducanturperpendiculares FGy
: FH, iunganturq; ¥B,FG FEJEt quiare-
&aquadam GF percenttum duia,re@i
quandam A C non-pes eentrum dudtam

bprop.3.3. adangulas reQosfecat,& b bifariam illdm
cecabit: zqualesergo funt AG,GC. Gum
igiturreta A Cin Gzqualiter, inEinz-

eprop. .. qualiter fe&afit;ceritquod AE,EC con-

, thetur re@angulit, com quadrato quod
exE G azquale quadratoqued exG C, fi
cdmune,quod ex G F,addatur,erit quod
AE,EC continctur,cumillis,quz ex GE;,
G F quadratis, zqualeillis,'quzex CG,

dprop.#71 GF.dSediillis, quz éxCG,GF zquale efh
quodex FC: illisvers, quzex GE, G F,
zqualeeft,quod ex FE: ergoquod A E,

E C continctur, cum-to quod ex FE,

- zquale
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zqualeeft ei,quod ex F C (zqualisautem
el? F CipfiF B)ergoquod AE,E Ccon-
tinetur , cumilloquod ex E F, zqualeeft
¢i, quodex FB. Obeandem caufamerit
quod DE,EB continetur,cumillo quod
ex F E zquale ¢i quod ex FB. oftenfum
cftautem &id,qued AE,EC continetur,
cum eo quod ex F E, 2qualeeffeci; quod
exFB:ergoquod AE, EC continetar
cumilloquodex F E , 2qualeciilliquod
DE,E B continctur,cumilloqued ex FE
quadrato; commune, quod ex F E, aufe-
ratur ; & eritreliquum A E, E Gconten=
tum , zqualereliquo D E, E B contento.:
Siergoincirculo, &c. quod oportuitde- -
monftrare.
" Propof:36. Theor.30.
8i extra civeulum punctum fumatur,
abeog incirecnlymdua recialince ca-
dant quarsm vuacirculum feces alte-
razangat,reciangniumtotafecamte,d
caparse , qua inser puniiam , & cur-

 mam peripheviam efl erit aquale

L 4

tangentis quadrato.

:EXtra circulum ABC fumatur quod-
uis pun&um D, ab cog; ad circulum
o K cadant
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9
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cadant duz re@2 DCA, D B; quarum
D CAcircalum fecet, D B tangat. Dico
re@angulum A D, CD contentum, -
. quale cffequadrato,quod fitex DB. Tri-
t autem D C A per centrum , aut non,
Tranfeat primo.per centrum quad (it E.
aprop.a3.3 DulacrgoEB, 4 erit angulus EB D'rés
Qus.Etquiare@a ACbifecaturin E,ei &
bprep..a. appofitaelt,indireCtum CD;beritqued
A D, D Ccontinetur: cumeo, quod ex
E Czqualeei, quod exED; eftvero EC
wqualisipfi EB:ergo quod AD,DC con-
tinetur reGangulit, cum quadrato quad
ex EB,zquale eftei,quod ex ED,quadra-
§prop.q7a to. ¢ Eftautem quod ex E D zquale illis,
quz ex EB,B D quadratis, quod angulus
EBD re&us fit. Ergoquod AD,DC
continetur, cum eo quod ex E Bjzquale
eftillis,quzcx E B,B D;commune,quod
‘ - - ' cx

¥

4
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ex EBtollatur: eritfuequod AD, DG
continctur, zquale ct quod ex Tangensg
D B quadrato. FU P

8:3 iam D C A nontranfeat percen-

- wram;accipiaturque centrum E,dab cod; dprpin.g

ad A Cperpendicularis ducatut F E, iun+
nturq; E B,E C,E Dje erit crgo angu. eprapas.

us ER D re@us. Etcumre®a quedam
EF per centrum dudie,re&am qandam ,
ACnon per centrum du@am fecet, £ ad fpropsny
reQosangulosillath, & bifariam fecabirg ‘
fantergo AF, FCzquales, Evquisreda
A Cbifecatur in F, ¢ig; in dweSGunraddi
tur CD, g eritquod ADy DG capsiigs gorep. k.
tur,cum illoquodex F C, zqugleciqued "
ex F D;Commune, quod ex FE,addatury
&crit qzod A D, D C continietur, éqin
illisguz exFC, FE, zqualéiflid, qiizex
FD,FER:illiswnr€,qug ex DRRE b 2qua- hprep.sng
leeft,quod exDE(eftenim angulus EFD
re@us): illis verd,que ax CEF Eozquale
£, quod exCE. ErgoquodA ﬁq‘)ﬁ
contmemr cumillo quod ex E C, zquale |
gitei,quodex ED,s cffautem E Caé‘i'%’; idef.s3m
Jisipfi E B:Ergoquod A D, Ccontine-
0t cumillo qued ex E B, aqualecft i,

" quodex ED:ectantem quedex A ED 2- propt700

Aualiafuatquax ex E B,B Djcum angulue -~ 2
_‘.‘.: . < ; _K} P BD
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EBD(it ré@us:ergo quod AD,DC con-
tincwr com eo quod ex E B; 2quale ftils
lis, quzex EB,B D; Commune, quadex
Ceen: E Biolfatur, & crit quod A D,D C coni-
T T petar r,&;in':gﬁlum » ®qualequadratoer
~__tangemtis DB.Si ergo exeracirculum, &¢,
7 Quodopottuitderhonfirare, - '

i ;-“Propdf.‘;;'."l‘hcor.;t.‘
Si extra circslum puniium fumatar,
absagucinciveslsmdyarecie cadant;
qearsmnscireslumfecer; alterain-
W ; sidatiffvansem quodtataficante,trea
pirse, qua inter punitum & curuam
peripheriamest, contineturreifang -
> dum,equale quadreso guadfit abin-,
Bunc oo Gidesse, samgat incidems .
LT siveatum B
it s circlom A B C pun
J&um D,abeoduein circulom cadant
dug:te@¢ D CA,D Biquarum D CA fe-
cet, D Bincidatcircalo. Sitautem quod
AD,D Ccontinétur rectangulam,equas
vy e lequadratogtiod fitex DB.Dico DB cir
apropa7.3. culum tangere, « Ducatarenim D E cir-
‘culum tangens, fumptod; ceatro F, iun-
o - < gan-
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antutFE,FB,FD,b & ¢ 500002,
frit angulus FED re- Spropat "
. Qus.EtquiaD Etan-
it,DC Afeca:l circu-
um ;¢ eritquad A D, cprep. 30,3
& 'DCc‘omiu;)tur gquale e
ciquod cx D E; poni-
tur auté &qued AD,
D C continetur,equa-
A : leeiquodex D B.ergo
quodexDE zqualecttei, quadex D%;
#qualesfuntergo D E, D B; d funt verd 4 defys.r.
& FE,F Bzquales: dugigitur DE,EF,

: duabus D B,B F gquales funt;& bafis FD

communis;eangulus¢rgo D E F aqualis ¢ prop. £.7:
cftangulo D BF:eft autem D E FreGug; '
ergo& D BF re@us eft, EtF B, fi produ-

catur,cft digmetrus, £ quz autem diame. foorprops

~ troad angulos reos ducitnrab extremi- 1 6-3-

tate,circulum tangit, Jdem demanftrabi-

sur pari medo fi centrum fitin A C. Si ér-

. goextracirculum, &c. quod opor-
tuitdemanftrate, ..

ot . |
- +ERTER,
. A e T A 1Y

3 EVCLL
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' Defnitiones.

RETANNEEE 3 P'?ran&ilinea figure re&ilinezin
. ribi dicitur , cam finguli infcripy
' vanguli.ﬁngula latera clus,cuiinfcr
. bieur, tangunt. ‘
3. Similiter figura figure ciccumferbi
dicitur , cum fingula latera circom-
fcripta, fingulosangulos cius, cul
. circumfcribitur, tangunt. _
3. Figurare@ilinea cireuloinferibi dic-
tur; cum fingulianguliinferipta tf-
- - gunepheriperiam circuliltaprep.z.
trianguinm A BC; [éxtaquadratum
A BC D ciresloinfersptum Vides.
4 FigurareQilinea circule circumferibi
icitur, cum fingulalateracircom-
fcriptz circuli-peripheriamtangiit.
Iaprop.g. triagn[mﬁA BC;eitana
S 4 , gns-
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guadratum A BC D cirenlocsreum-
ersptum cernss, :

§. Circulus fimiliter figure infcribi di
citur, cum circuli peripheria fingu-
lalatera eius,cuiinfcribitur, tangit.
Itaprop.a.cirenlum E F G triangulo
ABC,oltaxacsrenlum EFHK qua-

. draso, 4 BC D infersptum vidgs:

€ Circulusfigurz circumferibi dicitur,
cum peripheria circuli fingalosan- -
gulos cius,cui circomferibitur, tan- .
git. kaprop.z. circmium A B Ctrian-
gelo , fextacirenlum ABCD qna-
drato circumyferiptum Vides.

7. Re&alineain circulo aptari dicitur,
cum oius termini in circuli periphc-
ria fuerint. . ,
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Propofitior.Preblemar.

In datocirewlo, datereite linea ,quae
diametrocirculimaior nonfit,a.
qualem yeciam lincams
aptare.

Itdatus cir-
culusABC,
data re@a,que
circuli diame-
" tro maior non
) fir, D. O por-
teatautem circuloABC re&am,rc&; D
xqualem,aptare, Ducatur diametrus cic-
¢uliBC. Siergo B Czqualis eftipfi D, fa-
Qumeeft, quod iubcbatur: Circulo enim
ABCaptataeft BCzqualisreGz date.Si
autem B C maior cft quam D aFiatCE
zqualisipli D;& centro Ciintervallo CE
defleribatur circulus EAF,ducatu n’l; CA.
Quia ergo C ceatrumeft circuli A EF;
bdef1s1 beritCA zqualis CE: fcc! iPﬁ quualis
et CE:eritergo& D gqualisipli AC. Da-
to ergocirculo A BC, Datzre@z D non
maiori cifculidiametro,zqualis CA
aptata eft. Quod oportuit
facere.

' aprep. g,

LN T
s B

Pro-
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Propofitio 2. Probl. 3.
Datocivewlotriangalum datotriangs-
lo equiangulum inferibere.

SI: circulus datus ABC, triangulum da-
. tum D E F; oporteatque circulo ABC

eriangulum, triangulo D E F zquiangu- -
lum i%‘:'cribcre. D?lcatui' GA HqtangE:s'
circulum A B Cin A; aconflituaturque 5orpp.05,r;
ad A re@2 G AH,angulus HA Czqua-
lisanguloDEF,&GAB zclualis DFE; _
ducaturque BC. Quiaergo circuld ABC bprep.z2.
tangit reta GAH, & i aGu du@a eft
A C,beritangulus HA Czqualisangulo cprep.s2n
ABCinalternaportione:fed HAC eftz-
qualis DEF angulo; eritergo & ABC
zqualiscidem D EF. Eadem rationeerit
angulus A CBangulo DFE zqualis, ¢ re-
liquus ergo B A C zqualis erit reliquo
EDF. Eft ergo triangulum ABC tri-
angulo D E F zquiangulum , & inferi-’

‘ - Ky ptum
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ptum cft circulo A B C. Dato ergo circu-
lo, &c. Quodoportuit facere,

Propoficio 3. Probl. 3.
Girea datum cirenlum duto triangule
aquiangulum triangulnns
deferibere.
Stadatus eirculus AB C, datum tri-
angulum D EF. oporteatque circa
L D

& E FH

\c.

¥ e ‘
A B Ccirculum triangula D E F zquian-
gulum triangulum defcribere. Produca-
-wur vitinque EF in G & H, fumaturque.
centrum Kcirculi A B C, & ducaturre&a
aprep.23.1. K B ve libet; & a conflituatur adKreGtz
KBangulo DEGzqualis BK A ;angu-
lovero DFH 2qualis BK C,perque pun-
bpropaz.s. &a A,B,Cbhducantur tangentes circulam
LAMMBN,NCL.E: quiaLM,MN;
N Ltanguatcicculumin A,8,C; & dcen-
L A tro
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» tro K ad punéta A, B, Cdu@z funt KA, .
X B, K C:erefliigitureruntanguliad A, cprp. .y
B, Cpun&ta. Ex quia qua&rilatcri AMBK
quatuor angulizquales funt quatuor re- .
&is;*diuiditur epim quadrilatesd AMKB* ¥ ":‘“i
in duorrianguliK AM,KB M, quorumg:';;‘:'
anguliK AM, KBM re@i funt; reliqui g a1,
ergo AKB, A MB duobus reétis zquales -
. erunt:dSuntverd & DEG,DEF duo- dprp.15m
busre&iszquales: ergo AKB,A M Ban-
gulizquales fuue angulisDEG, D EF.
jnorum AKB,DEGaquales cum fints
erunt& reﬁqui AMB, DEF zquales.Pa-
ri modo demonfrabitur angulum LNM
angulo DF Ezqualem effé: reliquus er-
goMLN reliquo E D Fequalis erit. -
quiangulnm ergo eft triangulum LMN
trianﬁula DEF, & defcriptum cft circa
eirculom A BC, Ergo circadatum circu-
ham, &c. Quod oportuit facere.
- Propofitio 4.Probl.4.
In data sriaugulo circulum deferi-
o bereo.
S It datum triangulum ABC, in quo :
4 ogorteat circilum deftribere. 4 bife- wprop. 5. 1}
centur anguli ABC, BCA rc&is BD,
. - . _c :

,

!
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b'"’_ ) ‘..,. C D.quz in D Pun&o concurrant, 'du-
o canturque ex Dad re@as AB,BC,CA
perpendiculares DE,DF; D G. Etquia

anguli AB D, CBD =quales funt ( cft

A enim A BC bife&w)

anguli verd B E D,

BF Dre&i,habebunt
duo triangula EBD,

G DBF duosangulos
duobus angulis, & v~
num latus vailaterie-
B F ¢ quale, nempe comu-

rp.a6., neBD,chabebunter-
go & reliqualaterareliquis zqualia ; vade
DE, DFzqualeserunt; Esndem ob cau-
fam D G,D F zquales erunt.Circulus er-
ocentro D, int¢ruallo vno pun@orum

E, F,G defcriptus,tranfibit etiam peralia
puon&a,tangetque reGas AB, BC, CA
quodanguliad E, F,G re@ifint. Si enim
ipfas fecaret, caderet , quz ab extremitate
diametri ad angulosre&os ducitunintra
circulom ; dquod eft abfurdum. Non er-
go circulus centro D, interuallo vna ha-
rum DE, DF, D G defcriptus fecat re-
Gas AB,B C,C A; erga eastanger ; eflque
circulusin triangule A B C defcriptus. La
datoergo triangulo, &¢ Quod oportuit
facery. Pro-~

-dprep.1e.y
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_ Propofirio 5. Probl.5, . .
Ctru dmm mmgxltm cirenlnm -
- deferiberes.” -

Eﬂo datu trtangulu ABC.cma g; opor
teat circulii defcribere. bifecétur AB,
ACin D & E;atque dpun@&is D, R du-
cancapad. AB,ACad angulos reétos DF,

-1

s .  EF,quzconcurrentaut
> ~in triangulo ABC,aut
“in reGta BC, aut extra
‘mangulum ~Cancur-
, . rant primd intra trian-
, gulum in E,ducgmurq, *Fdint
F,FC,* *FA Et ia /l':.oug[‘
AD,DB ¢qualesfunt; commu gzad R
angules re&os DF, acrunt & b l(lg;AF. oy 4k
FB zquales. Similiter demonftrabimus
CF,AFaquales cfle: quare  FB, FC
zqutles ¢runt. Tres ergo FA,FB,FC
zqua-
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equalesfupt. Cirealus ergo centro Fin:
terualle vaa ipfarum FA, ¥ B, FC de-
foriptus tranfibic & per reliqua pun&a, e-
rirque circalus circa A B C triangulam
defcriptus. Concurrant iam DF, E Fin
re&a BCin Fyvtinfecunda deferiprione,,

s A iungatgrque A F. Si-
i militer demsfrabimus
(DC  pun&um Feentrum ef~
" fEcirculi circa triangu.
* lum ABCdefcripti.Cg-
‘ -~ cturrantdemumDF,EF
U7 0 entratriangulum ABC
. in¥,vttertiahaberdelriptia, & iungan-

‘ - wrA¥,FB, EC,Cumque AD,DBz-
[ - quales fint, communi¥, & ad angulos re-
| 3@’3};5 erunt & bafes'A'F, B F xqua-
" les. Similiter demohfttabimus & CFipfi
F A zqualem effe: quare & BF 2qualis ¢«
rit FC. Rurfus ergo circulus centro Fan-
teruallo ynaharum FA; F B. F C, defcri=
. , ptus
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ptus tranfibit etiam per reliqua pun&a,
eftque circa A B C triangulum deferiptus.
Quod facere oportuit.

C'orvﬂarmm.

" Vnde per(’plcuum eft,qGando centrum

circuliin triangulom cadit, shgulaBAC.

in maiore portioke femicirculo exiften-

tem recto minorem effe. quando verd -
centrumin B C cadit,in femicirculo exi-
ftentemreGtum: quando demquc cen-
trumextra B Ccadit, in minore portione . : <>
. femicircule cxxﬂentem maforem reGo. -
Vnde quandodatus an guiusm inor eftre-
&oyintra triangulum cadunt re&e D F,
EF;quandoreQus,in BC;qiandoms-

Jor re&o,txtu BC pquodsopounxtdc~, Ca b
ﬂonﬁmm )
) “".,:_.;;:')

Propoﬁt106 Probl.a.

In dato cirento qm&rmm de-
s . r:bere.). -

Itin dato circulo A B CDqnadratim
defcribendum. « ducantur diameétri aprep.m. iy
A C, B Diad angulos rc&os), jungantus-

. que

R
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quc AB. BC) C D) D Au Cﬂmﬂgﬂ BB’
E D fintzquales, quippe ex centro E, ¢5.

. mupis & ad angulos

bprop.pr. A reGos EA; bert &
: bafis AB bafi AD
D zquals, Eademn-

“7 tione vtraqué ipfarit
BGC,CD,vtrig; AB,

. A Dcft zqualis. B
rgo quadnlatemm ABC D zquilare-

fum. Dico quod & zquiangulum. Cums

re@a BD diametrus fie circuli ABG D;

cprop. 3. ecrit B A Difemicirculus ; re&tus eftergo
angulus BA D. Obcandem canfam qui
hbe:angul::m ABGBCD,CD Are-

&useft; reQangulum ergo eft quadrils-

terum A B I; Oﬁlcnﬁun e mt:tm &

2. equilaterum 5 4 quadeimmsrgo ot : &

sz :l?cu'culo m("cnpmm. In dato-ergocit-
culo, &c. O\’od opartuit facere.

Propoﬁuo7 Probl 7
Circadatums circulups qndnmnn
" deferibetes.

‘Slctfimdamm circilam ABCuna—
dratem defcribendum.Ducanwur dia-
metri AC, B D ad angulos recos, & pér

pun-

o ":',
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ptn&a A,B,C,D ducanturtangentes cirs
culum F G,GH, HX, XF. Cum ergo
'F G tangat circulum,

" & i centro Ead u&i
Adu®afitEA;aeriic

anguliadA re&l Eadé o

. de caufa a erunt & an- aprepss.gy
H_ (: K guli ad B, C, D re&i,
. cumqueanguli AEB,

BBG re&i fint,b eruntGH, AC parallslz. bprop.at.c.
. Eademdecaufa erunt A C, FK parallelz;
- Similiter demonfirabimus,quod GF,HK
- fintipfi BE D parallelz: SuntergoGX,
G C, AK,FB, B K panllclogramma evn- rpspts
ualis eft GF ipi HK; & GH ipfi -
. 5& quiaAG,B D zquales funt. At- ddefi1s.r,
ue AC vrrique GH,FK; & B D vrrique
' %F,HKcﬁzqqahs; er ov:raqchH. R )
FK,vtrique GF, HK eftzqualis. Eftigi-
tur FGHX quadrilaterum zquilaterii;
dico quod & re&angulum. Cum enim
GBEAfit parallclogrammum » itq; an-
ulus AE BreQus, ecrit & A GBreus, cpop.34.8
glm:lxtcr demonftrabimus quod anguliad
H.K,Fre&ifint;eft ergo FGHKre@an-
gulum quadnlatcrum , oftenfum eftaut&
& zquilatérim, fquadratum ergo eft, & féef7.1.
eftcirca ABCD circulit defcnptum erge

\ ¢circa

.
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sirca datum, &c. Quodoportuit facere.

‘Propoficio 8.Probl.8.

Indato quadrato cirénlum deferibere.

Sprop. 201

bpropussite A D
, | 7 , ;K

- F

Qltin dato quadrato ABC D circols
defcribendus. 4 Bifecentur AB,ADin

F,E; bacper E qui-
 dem ducatpr alge-
rutriAB, CD pa-

8

|/

rallela EH: per F

verdalterutri ADy

B

H

c BC panllela FF.
Suntergo AK,KB,

. AH,HD,AG,GC,BG, GD paralle-
sprop.34..logramma , ¢ ideoque lateraoppofita z-
qualia, Erquia A D, A Bzquales funt, ¢-

runt & femiffes carum A E,AF zquales =

dprop.34.3. #quare & oppofitzillisF G, GEzquales
' erunt.Similiter demonftrabimus vtramq;
GH,GKvtrique F G,GE zqualem effe.
Suatigitur quatuor GE,GF,GH, GK

zqualcs. Cicculus igitur centro G, inter-

uallo vnaharum GE,GF,.GH,GK de¢-

feriptus, tranfibit & per reliqua pun&a:
fed & tangit re@as AB,BC,CD, DA,
quodanguliad E, F, H, Kre&ifint. Sie-

nim circulusipfas AB,BC,CD, DAfe~ -

carety caderct quaab extremitate diame-

i
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ert ad angulos re@os ducitur,in circulum,

# quod eftabfurdam; Non ergocirculus

centro G, & interuallo vna harum G E, ‘epmopare.g,
G F,GH,GKdeferiptusfecat re@as AB, ’
B C, CD, D A:rtangit ergo: & cft qua--

drato ABCD infcriptus. In dato erga
quadeato,&c. Quod oportuis faceres

Propofitio 9.Probl.y.

Circa datum quadratum circulnm
deferiberes.

Slt circa datum quadratum ABCD

- ke circulus defcribendus : du@z re&z

AC,BDfein E fecent,

. A Etquia DA,ABzqua~
les funt, A C commu-~ -

D nis,eruntdugDA,AC,

duabus BA, A C2qua-

les : fed & bafes D C,

: B Cazquales {unt:be- :;"';’;. .

l
l
P
I
'runt ergo &anguli DA C, BA Czqua-
;Ics: angulus ergo D A B re&id A Cbife-.
catur. Similiter demonftrabimus quem<'
libet horum ABC, BCD, CD Are&is’

A C, D Bbifecari. Etcumanguli DAB,

A BCequales fint; intque EAB,EBA carz
-corum dimidij, ¢ erunt & ipfi xquales: -
' 2 qua-
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quarc.&bteraF.A,Equualiamt. Si.
militer demonftrabimus vtramquereQa-
rum E C, ED,vtriquc E A,E B 2qulem
efle. Qpatuor ergo EA, EB, EC,ED
uales funt. Igitur circulus centro E, in-

~ teruallovna harum EA , E B defcriptus,
tranfibic & per reliqua pun&a, eft igitur
circa A B C D quadratum defcripeum,
Ergocircadatum,&¢. Quod oportuit fa-

cere. |

" Propofitio 10.Probl, ro.
Triangulum ifofeele coftituere, habens
" wrrumque qui ad bafim angulum

duplum reliqui. '
- EX Pt:;;d;l;; reQs

u ¥ QLY

irx(lq(ic‘z {ecetur :1 v‘f
AB,BCcontentum
. .zquale fit quadrato
ex CA defcripro.Igi-
tur centre A, inter-
-9 uallo AB defcribatur
+, circalus B DE, beiqueapteturre@a B D
:;,':;';':, zqualisipfi A C; &filu&if DA,DC,ede-
feribatur circa triangulim ACD cirenlus
ACD. Etcumquod A B, BCcontinetur
~ #qualefitciyquod ex ACquadrato,fitque
. . AC

.’"’o,l.“ .o
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K Cipfi BD=qualis ; erit & -quod A B,

* 8 C continetur Zqualcei,quod ex BD.

. cumanguliDBC,BCDequ

Cum igitur extra circalum A CD acée-
ptum fic punétum B, ab eogs ad cireulum
A CD cadsntduzreétz BCA,B D,qua-
rum vna circulum fecat,altera eiincidit,
fitqué quod A B, B C continetur zquale
¢i quod ex B D, dtanget B D citculum dpep37.51
A CD;cumqueBD circulum ACD tan-
gat, 3 ta&tu autem D du&a fit D C,eerit epropgange
angulus BDC anguloD A C in alterna
circuli portione confiftenti zqualis. Cum
ergoanguli BD C, D A Cfintzquales, fi
comunis € D A addatur, erittofus BDA
duobus C D A;D A Crqualis ;ffed duo- frrepsasi
bus CDA; D AC zqualis gftexternus

. BCD: erg BD A zqualiseritipi BCD:

fedipiBD A zqualis ¢t CBD, cum &
glatera A D, A B fint zqualia : quare & g29f1s.1%

" DBA, BCD:squales eruiit tres ergo

BDA, DBA,BCDfuntsiqualest &
‘allesﬁnt,e-
runt& latera B D, D Caqualias fed BD
ipfi C A poninir equale : fumr ergo 8
AC,CDzqualin: vade &anguliCDA,
D A Czquales erunt:ergoangult CDA:
D A Cdapli funtacguliD AC :eft vere
&BCD sduobus CDA,DAC;
. ) Ls ergoe

»
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.ergo BCD duplus cft ipfius DAC: Fe
cum veerque BD A, DB AanguleBCD
fit 2qualis, duplus erit vterque reliquo

D A B. Triangulum ergo ifofceles , &s,

Quadoportuit facere.

Propofitio r1.Probl. rr.
Datosirculopentagonuwm aquilaterum
C aguiangulum inferibere.

S Itin dato circulo ABC D E pentago-

numgquilatcrum & ¢quiangulum de-

feribendum. Exponatur triangulum ifo-

fceles duplum habens virumq; angulum
_049.2.4.2d G, H, elus quicft ad F; & sinfcribatur
circulo ABCDE triangnlum ACD z-
quiangulum triangulo F G H; ita vt an-

" gulo Fzqwalis fit angulus C A D; angu-

isG, H anguli ACD,CD A. Etquiav-

terque ACD, CD A duplus eft anguli

%prp.s.1 CAD, b bifecentur reis CE, D B,iun-
Lo N e . gm'

-
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ganturque AB,BC,CD,DE,EA.Cum
“aque vterque angulorum A C D,CDA
mplus fit anguli CA D, bife&ique fint
re&isCE,DB,erunt quing; anguli DAC,
ACE, ECD,CDB, BDA zqualesin- )
“ter fe: ¢ Et cam zqualesanguli zqualibys crrop.aé.g
peripherilsinfiftant, crunt quinque peri-
pheriz AB,BC,CD, DE, EA zquales: |
5 fed quales peripherias zquales reQz il

. fubtendunt; funt ergo hz quinque re&lx

|

'

‘AB,BC,CD,DE,EAzquales;eft cr-
‘go pentagonum A BC D E gquilaterum,
éica quod & zquiangulum. Quia AB,

) E peripheriz zquales funt, ficommu-
nis B C Daddatur ,crunttotz ABCD, .2
EDCB zquales ; & infiftic peripheriz .
ABCD angulys A EDj peripheriz ve: _
toBCDEangulas B A E; ¢ funt ergg eprop.ass;
AED,BAEangulizquales, Eademde
taufa,quilibet angulorum ABC,BCD,

. €DEvitiqic AED;B AEzqualiserits : -+

et ergo pentagodum ABCDE 2qui:
¢ngulum;demonttratum autem eft,quod .
' - & zquilateram. Datoergocirculo, ©

Tl &, ’Qx{bd oportuig " '
7; S faceres 0t R
S e
e lvae 7“,‘.1‘;,;..-,‘-"“ Tk
v L4 Pre-



168 -4 LB ER V.

. - Propofitiosz.Probl.12,
Circadatum cireslum pemtagonsws 4.
- quilaterum & equiangulum
- defersberes.’

YR Porteat circa circixlixin}A BTDE

N\ pentagonum zquilaterum & 2qui-
' - ...angulumdefcribe-
¥ . re. Cogitentur 3=
y BX. gulornmpentago.-

~ niinfcripti pun@a,
¥ AB,C,D,E ita ve

" peripheriz, A B,
- ' . BC}C D’ DE'E
#qualesfint, e ducanturque per A, B, C,

"""’"”])_,E-rc&a; GH,HKKLLMMG ran,

e oue &
B VE AN

bprepad.s.

gentes circulum , & accipiatur centrit cic-
_culiF, ‘iungantu;qu’c FB,FK,EC,FL,
"FD.Cumitaque KL feacjrculumin C

tangat, & ab F ad contaGum CduQafic
FC,b eritipfaad KL g?r,gghdicularis 1V
‘terqucergo angulusad Ceft re@us. Ean.-
dem obcaufam re&ifunt anguliad B,D;

popy#71 & cum angulus FCK reGus fit.e erit quod

- exMKequaleillis,quz ex FC, CK qua-

dratis. Eadem de caufa, crunt quzex
FB, BK =qualia illi , quod ex FK:
funt crgo quax ex F C, CK zqualia illis,
Sel oo qux

b

|
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uzexBE;BK;quorum quodex FC 2-
Tl 3 exF Bsgr,i_si.!dgiu\r& re-*quisF B,
quum quodex CKgguale reliqua,quod FC esre-
«ex BK:funt ergo B K, CK gqules:Ex quia 100 o
F B, F Czqualesunticommunis FX ;¢ cenrro od
suntdug B F.F Kduabys CF, F Kzqua- perspber.
Ies,& balis BK bafi CKequalis; 4 ergo & «»-
‘angalus. BE K zqualiserit soguloK F C: dorop-ft.
&angolusBKF,angaloFKCs et ergo
angulys B F C guplus anguli KFC; &
BX Cduplusanguli FKC.: Ob candem

. <ayfamerit& GE D duplug ipfius CFL:

& CL; Dduplusipfiys C L F. Cusnd; pe-
sipheriz B.C,C D zquales{iat, ¢ erunt & eprop.17.3
anguli B F.C,C F D zquales,efigue BFC
ipbg:s:K. F.C duplus,; DF Cvare duplus
iphusL FCiequales ergo fant KEC,CEL.

J.duo crgo triangula FXC, EL Cdues Fpropoadss
sngulosdisabus habétia zqualcsajterum

gleeri,& latus voum voilateri F € ytrigne
commuag; habsbunt & reliqualaterare-
liquis zqualig,angulumque reliquum re-
liquo. Suntigiturtam'ret2 KC,CL,
uam anguli F K C, F1.Czquales, cam-
Zue K€ zqulisfit CL, daplaerit KLi-
pliusKC.. Eadem decan(a demonfirabi-
tur HK duplaipfius BX; & cum demon-
{krawum ﬁ:ﬁ KzqualisK C,Gtq; KL du-.
A L4 pla

o~



_guli GHK,HKLKLMLMG,
L 'funtzqdaks s &quiahgulum ergdeft pen-

peypgar, inderiberg, #bifecetur veerg;aaguloruny
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" plhaipfisKC, &
HK duph ipfius
. BK; gerit &HK
ipfi KL zqualis.Si-
"militer dem®ftra-
*bitur qualiber ip-
- faramGH, GM,

"MLviig;H i(.K L ¢qualis:eftergo pen-

ragonum G HK L Mzquilaterum, Dico
‘qued & equisrigulym. Cunvenimanguli

" FKC, EL Caquakesfiat, oftenfusquefic

HK Lduplosipflus FK-C:&ipfius F LiC

duplasKLMjerit 8 HKLipi KL M z-

qualis. Similiter demonftrabitarquilibet

 ipforam KH G, HGM,G ML verigue

HKL,KLM=zquakis, Quinque e‘rg{o an-
GH

num, Oftenfam autem ft B zquila-
terum ; & eft defcriptum circa circulum
ABCDE.quodopertebat facere;
"7 Propofir3,Probl.x3, |
Data pentagonp wquilatery , cr aguis
- svgulscirculimsinferibers, . -
OPortent dato pentagong'zquilatero

& #quim%ﬂlo ABCDE circulum
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) BCD,CDEre@isCF,DF,&dpun&o
_F,in quo CF, D F,concurrunt,ducantur e
rGe FB,FA,FE.&quiaBC,CDequa» =
les funt, communisCF, eurntduzB C,
CF duabus D C, CF 2quales, & angulas
B CFangulo D CF zqualis:bergo & ba- bprap. 4, 74

fisBF, bafi D Faqualis erit, & uiangu-
tenduntur,zquales crunt. Suntigituran«
g, gulus CDE duphus
AN
AV ABC;&CDF,
~ BF,FBC:bifecaturergoangulusABC - -~
FE hifecari. ¢ Ducantur enim'ab F ad cproprany
anguliHCF,K CF zqualesfunt; FHC
Zquales habeatia vnumquelatus voi, FC

lum B F €rrisngalo D CF, reliquiq; an-
A - guliCBF,CDFa«

wanguli CD F; 2~

c K CBF; crit &CBA

" rc&sBF. Similiterdemonficatur quem-
A B,BC,CD,DE,EAreQaperpendi-
reQus,zqualisse@o F K C;erunt duo tri-
latas

guli ‘reliquis, quibus zqualia latera fub-
AN quales. Et cum an-

>

Oy
1k  qualesaué& €DE,

. A('
~ duplusipfius C BF : zquales eric: funtA
' libet angulorum BAE,AE D re&is FA,
culares F G, FH,F K,FL,FM. Quiacgo
angula FHC, FKC duesangulos duobus
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A latus commune, &
M wni zqualiummgu-
> E lorii fubtéfum, dha-

/. bebuat ergo Hdh-
L. qualaterareliquis¢-
. - qualia: funtergo per
‘ . G K pédiculares FH,FK

stquales. pari modo demeontftratur quzli-
betharum FL, FM, F G viriq; FH, FK
zqualis. quing; cl;go re@zF G,FHLFK,
F L,F Mzqualesfunt, circulusergo cen-
tro F;interuallo vaa harum F G,FH,FK,
FL, FM defcriptus, tranfibit & perreli-
qua pun&a,tangerq; rectas AB, BC,CD,
DE,EA,coquodanguliid G, H, K, L,
Mreifiat. Quodfiillis nen tanga, fed
fecer; cadet quzab entremitate diametri
ad angulosrecos ducitur intra circulum,
¢prop.16.1. ¢ quod abfurdum effe oftenfum eft; non
ergo circulus centra F, interualio F G,
FH, FK,FL, FM defcriptus fecat re®as
e .. ABBCCD,DE,EA;ergotanget.
. .datoergopentagono. quod o-
-~ portuitfacere.

Pro-
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"Propof14.Probl.14.
. Circadasumpentagonnm aguilate-
. IS O eqsisangulum, circn-
| _lxmde/éribcre,

Porteat circa

datum penta-

E gonum zquilaterd

& zquiangulum A

BCD E circulum

D defcribere. # Bifg— aprep.a.1.
. ectur vterq; angu-
forumBCD,C D Erecis CF;F D;8ab
¥ pun&oin quoreQz concurrunt ad B,
A,Educiturre@2FB,F A,FE. Similicer
ago, vtin przcedente, demonfirabitur
quemlibetangulorit CBA,BAE, AED,
re&isBF,F A, FE bifecari. Etquiaan-
li BCD, CDE aqualesfunt, efique
C Ddimidiusipfius BC D,&CD Fdi-
midiusipfius CD E;erunt FCD,FDC

aquales, b quare& lateraFC,F D zqua- prop.t.
lia erunt.Similiter dem&ftrabieur, quam-
libetipfarum F B, F A, FE, vtrihbe: FC,
F D zqualem effe, ‘Quinque ergoF A,
EB, FC,F D, F Ezquales funt. circulus
igitur centro F ; interuallo vna ha;:um'
. A,
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FA,FB,FC,FD,FEdefriptus,tran -
bit & perreliqua punéta; eritg; circa pen-
tagonum A BCD E defcriptus.Circada-
tum ergo,&¢.Quod facerc oportebat.

PropoCrs'.ProbL’ 5.
Indarocirculo bexagonum equila-

serum & aquiangulumde-
[eriberes.
A Qlt in dato sirculo

ABCDEFhexa-
gonum zquilaterum
& zquiangulom de~’
¢ {cribendum. Du&a
diametro A D,fuma-
tur centrum G, atqs
centro D, intermalio
' DG deferibarur cir-

‘ H ' auwEGCH;: &
du&z EG,C G producantur ad B,Fsiun-
ganturque AB,BC,CD,DE,EF,FA,
Dico ABCD EF hexagonum zquilate-.
sum & zquiangulumeffe. Cum'enim G
centramfit circuli ABCD EF, crunt
GE,G D zquales. Ercom D centrum fic
circuli EGCH,erunt & DE, DG ¢quales.

Rext,  Sed GE oftenfa eft squalisipli DG; acrit
o ergo
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, ergo & G Ezqualisipfi E D: triangulum
' :::E GD Zq?lilatcrg meft, & tre?%nguii
cius EG D, GDE, DE G zquales,:
cum ifofcelium triangulotum anguli ad
bafim zquales fint.Et quiatres angulieri- barep.sgs
anguliduobusre&is gquales funt,eritan-
gulusE G Drertia pars duoram reétorits
Similiter demonftratur D G Ctertia pars’
effeduorum reGtorum. & cumre@a CG
fuper E B conliftens ¢'sogulos deinceps, cprop.sy. iy
E G C, CGB duobustréis 2quales fa-
éisseric & reliquus CGB certia pars dwo-
' rwm re@orum. funtigiturangui EG D,
D GC,CGBinuicem zquales; d erunt dprop.r2.2,
! igitur & quiad verticem BGA, AGF, =
'FGEzquales , ¢ zqualesautemanglieprop.26.y
gqualibus peripheriisinfiftunt: periphe-
rizergoABBC,CD,DE,EF,FA ﬁxntff'",.,"’
' zquales,f zqualibus autem peripheris -
quales re@ linez fubtenduntur: fexigi-
tur reG&z zquales funt;; idcoque hexago-
num AB C D E F zquilaterum eft. Dico
quod 8 zquiangulum. Cum cnim peri-
pheriz AF, E D zqualesfint: i commu-
nisABC D, addatur, erunt totx FAB
CD, EDCBA zquales: g Sed periphe- §44/9.:
riaF A B C Dinfiftitangulus FED; peri-
pheri¢ veroEDCBA, angulus AFE;funt
. erge
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ergoanguli A FE, D EF zquales. Simi- |
liter demontftrabitur reliquos hexagoni
ABCDEFangulos, vtrig; AFE, FED 22—
quales effe.Eft ergo hexagonit ABCDER
equiangulum : oftenfom eft autem &z~
vilaterum, & eftin circulo deferiptum.

zn dstoergocirculo, &¢, Quod oporte-
atfacere. :

(orollarium..

" Ex his manifeftum eft lacus hexagoni
equalecffeci, quee ex centrocirculi. Etfi
Kpopayg. perpundaA,B,C,D,E,F b tangentes
circulum re@e ducantar, cir¢ca circalum
hexagonum zquilsteram & zquiangu-
lum defcriptum effe, vein llis que de pen.
‘tagono di&a funt viderclicet. Preterea

tuxtaillaque de pentagono difta funy

in dato hexagono circulum
defcribemus.

A}

Pro-
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' ~Propof16.Theor.rs. =
In dato cirewlo quindecagonam £quis
" ]zrerﬂmé-tqaimgulamdc-
£ fribees,

Portestin
7 dato cir-
culo ABCD
| quindecago-
numequilate.
y J. ik & zquians
W ~—77D \dum:}:fcri-
R by * bere. Deferi-
T L batwrincircu-
‘lo ABC D triangulizquilaterilacus AC
_pentagoni zquilateri A B. Quiliumergo
“totus circtilus parsinm eft quindecim, ta-
lium eft A B C peripheria, tervia circuli
“pars exiftens, quinques A B, quintapass
“circuli exiftens,trium;pars ergo B G,dua-
rum; quefiin Babifecctar, eritquelibet 4ppyp,,5,
‘peripheriarum BE , E C decimaquinta
-parsciréuli.Si ergoduisre@is BR,EC,
;is zquales in gont:inuum circula r;&as
B aptemus,eritquindecagonum gquilate- bprep.z1.
msn, & zquidn%nlqm degfcriptms\. Quod e
“facere oportuit,
' o Mo BYCRI-




Cla 9200 )
. ‘f 4. ) tgg.: N
ORI 2 J <dr
- ELEMENTVM
VINTVM. ™
L Defimithones.
v Purseftmipnitudo magattudinis,mi-
-~ nonmaioris , quindo minermetitur
maigrem. V2,2.vllparsipfiss,ae non
T ApBMRYIA 2.metstnr 650 metstur 7,
‘g Madriplex cit maioe unider¥; yoande
©:  rihoenetitur maiard. ¥1éaeilmad -
“ . wipleipfiusziat yapfinezmnltiplex. oy
it ol Quin 2imabitmr G o@imm 7.
-3-Propertio.cft dusrum:magsitudinum -
=" eiufdem gemeris muwa guadam{e-
- sundumquantitdem abitudo.krg-
17 ipewrimengasShinternesaiufdansgencr se
. i -itdmeer mamyres., dimeds 5 |fuperficiel,
2 T‘Wm- .'.:':4_).,' . ,
2377 g Proportionéintenfe habere diconryr
i -magmitadines;que.multiplicatg pof~
font feinuicem fuperace. Jndeligsns
-1 dnfeBangwinmswmiingensie & reétils-
Dinm

PN "
A Y
ool
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e quermenmy, propirtionems né effe.
Qusalseet prior in snfinstd maltiplice-
| . turwmquatamen fuperabis pefleriors.
| & Lo cadé proportione dicuntur effe ma-
] gnitnSines 5 prima ad fecundam, &
. tertiaad quartam,quando ¢qisé mul-
h . tiplices, prima & tertiz, &qué multi-
- plices fecunde &quarta,}ecundum
quamuis muliplicationemyvtraque
- abvtragss vel 2queé deficiiit,velgque
zquales funt,vel gqué fuperant,fior-
- dinefathantuc, J2floram qeatnor
L :ummr:ms.ﬁ.%pﬁmi&tgujac-
L sipiantur equé mmltsplices 16,65 8. fé-
L AT gearyi a3 & 9.6 collocentnr ca
| oF Xine . 4uo.nemeers . uorgm fuxs mul-
B5plobcs, hos nimsiram :6.18. 8. 9. hinps
 privosuminor fit fecnndo gris & tertink
T GuATiO Y 5 C fimator .y fi 4
- guakis, eganiis, f inquinm hoefemper
- wontingas dichur guarsor. magnstidi-
v el i eRbem (e propartients,
. 6 Magnisudings qugcandem proportio-
. . wnem babent, propardansles vocan-
tur.l{tg.é’&ﬁ%ﬂ@&%&‘b“’”
i AR PTG ieApE Apiaties
R il Ll il S
-y Quandp equémuliiplicum meltiplex
- pumg fupcratmultlplﬁsgfgundli
- . M 5‘ as

o

-



1% LIBER.V.
st mukiplex tertianen fuperst-mul-
tiplicem quartss; primaad fecundam
dicitur habere maiotem proporio-
nem quam tertia ad quartam.

8 Analogiaeft proportionii fimiliendo,

9 Analogija in tribus minimis terminis
confiltic.[ye in bisnemers 4.6.9: v ¢-
wim eSE primms ad fecRdum ita fecnn-

 dwsadrertinme,

16 Cum fuerint tres magnitudines pro-
portionales, primaad tertiam dupli-
catam proportionem habere dicitur
cius,qui habetad fecundam. vz cum

Suerine proporssenales hitres numeri
2.4.8 orstproporrisguamhaberaad. -
duplicdata csus,quam buber ad 4.

“11- Cam fuerint quatuor magnitudines
proportionales prima adquarta tri-
plam proportionem habere dicitur
cius,quam habetad fesiidam. Ecde-

~ inceps fempet vaa amplius quoad

vfqs proportio extiterir. Ve fifast pro-

< portionales hi guatwor numeri z. 4. 8.

. 16, erit proportie guam babet 2. ad 16,
 sviplacisigunnibaber ad g.

- 12" Homologg,feu fimilis rationis magni.-

. tudinestlicuncupeffe,; uitecedentes

© U dritéeedentibusy copfequentes con-

A:"-‘;,"&q’ mtibu" 1 1 P . .

) 13 Fer-
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13 Permuata ratio,eft fumptio antacedé-

. . tisadantecedentf, & confequétisad

. confequentem.Demifirasur prop 16,
snguacumest vt Aad Bsta C ad.D,eft

: guog, permmado, vt A4dC;ita Bad D.
14 Conuerfaratioyeft fumptioconfequé-
.+ tisvt antecedentis ad antecedétem,
vtad confequentem.Vide eor 4. prep.

15 Compofitio rationis eft fumptioan-

.+ tecedentis vaa cum confequente,vt

|. .. vnaadconfequentem,Demifirasnr

i propas.inguacumeit vt AB4dED;

1" s CEad FD;eft qweq; ¢ AB#JFD;
. #aCDadFD, . . - ..

36 Diuilio zationjs eft fumptioexceflus,
quaantecedens fuperas confequen-
tem,ad confequentemy Demofiratur
prepa7.inguacnm eit, vt ABad B E;
it8CDAdDE, it guogne vt AE ad

| EB:iwCFadFD. = |
, 13 Conuctfiarationis eft fumptio ante-
. cedé&isad exceflum,quoantecedens
confequentem fuperat. Demifiracnr
propag.inguacwmest vt ABadCD,
s#a AR#dCF erit quegue EBadFD;
weeff ABadCD. S
a8 Exzqualiratio eft cum pluresfuerint
magnitudiaes, &aliz iplis numero
#quales,que binz,& in eqdératione
| ° M3 fumun-
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" fusmantut, fueritd; vt fih primismaZ

F‘nitudinibus prima ddvitimd fain -
ccundis primaad vltim. Vel eftfum
ptio extremarii per fubtri@ioné me

- diarii.Demdfratnr 22.0qna g
" 4#dBitaDadEiérnBadCitaEdd

»

F;erit o5 iequali, Bt AkCita D adF,
Osdinaa proportigeft, cam fueric ve
smrecedensad confequentem;ita ats-

~ tecedonsad confequenterh;veautem
-+ domequersidibiam qusmpiem, ita
© 7 cobfdquchs st slinok quimpidm. Is
. Prigiebi@ as.anprivis magniendinl’

antecedens et Aconflqwes Biabia gue-

" piaws C; s ficundes ansecedeny est B,

0

codfequos B, wlid qhapiam F. -
Pervurbacs propm’tio'cﬂ, quindo tri-
bus exiftenribus magaicudipibus; 8

- aliisiphsmnvere £qualibasyfuerit

vtin primis miagihudinibus sntece-
“densad ednfequentemyitain fecur-
dissntecedens ad confequentem. Vi
anterti in primis sonfeqeés sdaliam
quampiath ; itain fecundisalia qua-
yiﬁﬂad:m‘ecedehtemowﬂ'uﬂ.z'z;.
Prop. snprimi i1 ibus boughiendinibus
antscedons oSt Aconfequens B, alis
gnapiams G, i fecumdss amtevedens o5t
E.éinfequens X, aliagnapiom D.
. Do ~ Pro-

N
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: poﬁx.’fhtorz )
_ﬁurim‘ efcungue m;ginindmai
grsotcangut nﬁwdimm,t aliumy
pumerof p;g f ul;rm;zqy;nu‘.
n/alfcef, quotsp xeﬂmmm
ttulo vaius ;atugllm' ﬁm& om-
nes.omnium;

krdova-

«.qmml . Rico

S'lh tcumcLue magmn{d;nes A%,
quo!_éumquemagmmdﬁlﬁm Pf,
X \ummuh lexeft B
| fius'E, tam multipli-

t{ A = E a!!ymhum nimercy
tl cegdreAB CD fimul,

"E

ﬁufn &, E fimdu Cuwmm
iplex eA Bipfids E , tam multplex
HiQbipfiugBy em!ndin CRtotm
tudines shuakksipiT quot fing i
aquhatesiph B ﬂlﬁuidaur Bin mabni-
xuumﬁasﬂbzguﬂesngﬁli Et
HDragude ip(rF; erit
qumpfatulnq&@; B zqualis multi-
Andinf dpRrahr O EHED: camdnen G
HIEC Haipa b RPETF, et AC)
CHj Eqmalesipfis £ F. "Eaaen'?'d’e’cadﬁ
ﬁhtﬁﬁ,ﬁ deﬁsﬂ ;qumler quot
CTTRSTIN. M4 erga




1ty LIBEIX V.
ergo in AB funt magbitndines 2quales
iP.E E,totfuntia AD, Cll.aqu-lg;l&
E,F. Quzquam multiplex2ft A B igfius
E,tam multiplices funt A B, C D ipfarum
E, F. §i efgofucriot, &¢. Quod dportn
demonflrare. BRI ot
" "Propof.z. Theor.2.
Siprima fecandaague maltiplex fae-
Vit atqme tertia quarta, fucrit autem
O guingefecundacque multiplex, a1
e foxta quarsaserit G compofita ex
< prima ¢ quinssaqunémulsiplexfe-,
ST cundajatqueterdia & fex-
T i SGguaTER, g
ESDO rima A B fe-
' Aecuinde Ceque

- Fiplex, ptque: cestis DR
- quaste. F: fic verd &
. quists BG fecunda €
_xqué wukiplex,ate; fex
"t EHquattz F. Dico
. - ¢& afitain “Pl’i&
Q&a.&gufntaAG- dx-C, xquéniuls
tiplicemn efleatqnech rorsia & foxta DHR
‘guarte F, Cum enim quam’ mukipléx
¢t A B ipfius C, tams multiplex it DE
. A : iplius
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ipfiu's Fieruntin DEcot rhagtﬁtmliucs'g-
quales ipli F,quot funtin'AB zqadlesiphi
C. Eademque decanfa’quot funt inBG
mquales ipfi G, vot eruat in EH zquales
ipfi F: quot ergo funt in tota A G zqua-
lesipfy 3; tot funtin tota DHaquylesipli
F.Quam multiplexefterga A Gipfius C,
tammultiplex et D Hiplius F.Ergo AG

* compofita ex prima & quinta fecundz C '
| mque -multiplex eft, atque tertia & fexta

; D Haquarez F.5iergo primaTecuridz, 8,

} Qi.a < VI -

oporitdemonfisare, . |
' .. Propofitio 3. Theer,3.
3i primg fecunds egut fuerit multi..
plex,atque sertiaquarssifimaviar ane
. gem aqud multiplices primp O sertias
. epipex agials [umptavum virgue
trinfaue yué mnliplex, alteraqui- . . .. |
U7 demfiindesalierssutem,
:f‘f.’. ‘:‘x. . ,““t" T ‘-'/'-' Dol
EStop?lma A fecandz B Zquémulti.
plex,atquetertia C quattz D. & acci-
iantur ipfarum A, C cc{ué multiplices
F, GH. Dicozquémyltiplicem effc
E Fipfius Byatque eft G Hipfius D. Cum
e Mg enim
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epim-Aqu emuinyleiﬁtﬁﬁqﬁﬂ Ayare
quee&GanﬁnsC comtirschuntar-in
.- GHten -agnmﬁncs
. -wqukesiphi €, quoria
"Ea' lppr-Dx«
© midate EFin magniws
dincs EK, K Fyzquals

}1ipiA;& GHin GL,

4 nLHaqnh:ﬁC.‘?&
MBK.KI squalis muhitediniipiana
GL,LH. Et« mpkemdupks:ﬁ;ﬂ

. ipfius B,vt Ciplius D; cftque EK ipfi A;
&GL n,pﬁqualm:rit ¢mul-

‘gcxlp (iusB,v1 G Lipfius . Fadem de

fi ‘2qué muhipl CXeﬁK‘FfPﬂus ‘B vt
n'mpn; B Cuved uf:pkm}m fed
fondn st GE

‘ %W%K‘mm &qmmxvﬁftuwh
> zque multiplex,

vt eﬁ c

!("hm, t2 D 4ent&c ofit taex ’ggxag uin-
ta E Fletindz zqué’ mﬁlh »atque
cﬂ: tertia cum fexta @ H quartz D. Sx_
-swmafumdw.&cnﬁzgpd -
cee 3.0y PPOITYE demRRe; v i e
k] JJ S ':',.'l.'; f'kar: ’;'.)'\'," "'.-x"“- :

;‘,"34 - Jlf! * "SR B

+ 4 s * Propa-



LIBBRV: 1wy
“Propofi tla4 Theor. 4.
p pnm dﬁmmim mydm babu}-
is prapmimm,gxm tertia tiqm-.

197 Iu&:hmdeqmnh licesprie
e & tertaadaquemultipﬁuf Cruna

e quarsafesundam qudyiuy mu- |

n’lummcm, candens proporties
- pam fiyvt infer [ nﬂuu’cﬂ.
: [fmpuﬁm'mﬂ _

H Abeat ptim3g Aad C«uudam B»canq

dem pwgurlhnctn. quetatertia G

- 6d quartem D Et seci+

. 4 gue. multiplices E,Fj
' "'npfar‘ui’n Verd B,D quz~
' : tunquoahcaque mul-
1 es G,H. Dico vt
. 1 U
£ Ig /. Accipiantut endm
- ipfarum E,F zqoéide
tipl icos: E. Laxpfcmmvxqu; Haz
mulnphccs M, N. .Et qmawamuhqzu

et Eipfius A, vt Fipfius C 1acceptzque
funtipfardm B,F zque multhhces K,L:

nuwganpmphx ‘et K ip

-

pianturipfaidim A,Cz-~

EadGmfaeﬂ'e Fad '

Tia g

msA, yt L apu;.u!
ip fius
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cdefis. 5.

A LIBER V.
1 iplius C.Eadem de cay.
faita muokiplex M ip.
4 fiws B,ve NipltusD, Eg
quiacft ve A ad B;a€
. ] ad D, acceptgque fumt
. 11 ipfarum A,Cegque mul-
| {I | tig:léée;)l(,‘l:;ipfarﬁmve-
. 15 B, D aligqugcunque
FOPHEN M, N:ber g%lgfnpeqzat
M, foperabit & L ipfam N; & fi gqualis,
¢qualis ; i minor, migor; funtqueX, L
ipfarum E,F gquemultiplices; M vero&
N f{unt iplarum G, H gquie multiplices:
ve@ergo,ve Ead Gyita F ad H. Si ergo
primaad (scundam, &¢. .Quod oportuit

| :

- demonftrare. -

. ! ;
*o ' Lemmgo. .

_ O\t\ls.shimdanonfbatilm eft,iX fu-

peret M, fuperave & L ipfuln N5 & fifi
#qualis,cfleequalem; fi minpr, minorem.
Conflabit ctiam, § MifuperetX; fuperare
& Nipfom L ;& fi fic gqualis, cllc zqus-
tem;fi minoryminorem. atqueidcirco erit
vtGadE;itaHadF. ./ .

., Corollarium.

- Exhos manifeftum cf; fi quatuor ma-

guitu-
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goftudines fuerint proportionales, & c5-
ucefim proportionalesefle. Hocefffieff us
oA ad B;itaCad D;ef quoque B ad 4, vz

_.Ddc‘

Propofitio 5. Theor.s.
Si magnitudo magnitudinis eque mul-

 2iples: fuerit asque ablata ablate ;&

religua religus eque multiplex
erit atquctoratotive.
Tt magnitudo AB magnitudinis CD
zque multiplex, atque ¢ft ablata AE
..~ & ablauz CF, Dico &reliquam

. AT " EB,reliqug F D zque multj-

plicem effe,vt efttota A B toti-

us C D. Quotuplex enim cft
FAE ipfies CF, totuplex fiat
D EBipfiusCG. Etquiazque
multiplex eft A Eipfius CF,at-

. que EBipfiusCG, aerit AE ¢quemul- aprop.s.g.
, tiplex CFatq; A Bipfius GF; ponitur au~
- tem A E equemultiplexipfins C Fatque
-eft AB ipfius CD:zqué ergo multiplex

eft AB vtrinfque G F, CD: b ¢quales er« poalipione

gofunt GF,CD; Communis CF aufe. exax.7.

ratur, &eritreliqua GC reliquz DF 2-
qualis, Et cum zque multiplex idAE

- iplina CFatq; EBipfius G Cyeftque GC

®qua-



o LIBER V. ‘
wqualis DF. ¢queerge muktiplex e#AE
FpfiusCFyatque EB ipfius ¥ D, ponicur
‘autem & A Kipfius CF eque mulvplex,
vt AB ipfius CD: zque ergo mulugiex

EBipiusF Dsatque ABiplias CDjer-

gorcliqus E B, reliqug ¥ D #que multi-
plexcft,atquech tota A Brotius C D. Si
ergo magnitudo, & Quod oportuit de-

monttrare.
. Propofitio 6. Theot. 6.
i dun magpizadines dusrym wmagwi-
Sndinsns agné multsplices fuevint ,¢*
‘ublate quedam fint earundern «
. multiplicesserunt relignecifdenn
C awtegualesaut ague -
8 : m{‘@b‘“&. | ooal
- QIntdug magnitadines AB,CD dua-
rum magnitudinum E, F zque mulr.
phices,atferantucq; A G,
CH carandem E,F eque
& multiplices,. Dico rek-
. quasGBHDiplisE, F,
: l I gut zquales effe,aut pque
EF.

STE ATt
o makiplices. Sit pnmo
N : ‘G BipfiE zqualis. Dico

% , Pona
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Ponatur ipt F&zquek; CK. Cum i xgxtur
'AG.aqm i t iplos E, a
)‘“ \g‘;’ﬁu:lga fit verd B
qua'hsxpﬁE &CXKipfiF,
dgquedhuluplcx erit AB
-'JpﬁnsE.atqunKHﬁpﬁusF
_ -Panitur dutess gque surlui-
.-‘: glcx AB npﬁnsE.,atqn:cﬂ
L CD iplus F ¢ xque ergo
o mnltiplex o 8 iphds F,
. I T atqutCDmnfdm Cum
‘B ‘B F ergo wtraque K. H, C D ip-
e .ﬁungquaﬁnmaklplcx“ﬁg- bColligitwr
ths-eﬁt(KHq:ﬁ(. Dz CommumsCH‘“‘“"v
cuﬁemun, i e seliquy C,'HDz wh .

- quales. ‘Sed K1C gqudnskI}FI q

iprop. .44

- eidén Fgqualiseric, Efter

/ Gwﬁpﬁiﬁrﬂxmpﬁ E.- Snmlltcr demon-

; Rrabimus{i G Bipfius Efueritmuldples,
. gqnvmaltnphcemaﬂ'dﬂb ipliusF.
P Sucagodw;magmmdmeu
;o -IQupd oportminge- .. o
LAY VI mnﬁmm‘ Py o




1 K&IBERV.. ‘
Propofitio 7.Theor. 7.
AEquales adeandem , condern ke
proportionem,dr eademsad
aquales,

S [nt magnitudines A, Bgquales, &
quzcunqueC. Dico veram queh
‘candem proportionem habere ad C¥
candemadcafdem A, B. A«

7 antur ipfarum A,B zque mi

- plices D, E; &rliaFipﬁusCff

' cunque multiplex. Cum igiu

.. DA quc‘llnultiplext;it D ipﬁus?&,&i
¥ Colligitar ipfius B; fit verd A zqui
we. 7 { B,aerit & DzqualisE;d
117 glue 'aliﬁa F étcunqnc gmlu

exipfaus C. Si ™

BB ar i, air bt eda
F maior ;& fi #qualis, 2qualis ; (i mino
nﬂnor;funtq;.D,EipfarﬁlA,B gquémi
tiplices, & iptius Calia F vtcungnie mul
$defs.5. plex:eftbergovt AadCsitaBadC. D
co8& Cad viramque A, Beandem halx
proportionem. lifdem enim conftrué
oftendemus B zqualem eflc E ; &alis
quardam F, Siergo F maior eft D;erit

~maior quam E; & fi zqualis, zqualis;

minor, minor; clique Fipus G ml;k

ple

Qe

'
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plex ; aliz verd D, E vteunque nmuleipli-
ces ipfarum A, B:celtergovt Cad A, ita cdefirg,
Cad B. Si ergo zquales ad eandem, &c.
Quod opartuit demonfirare,

Propofitio 8.Theor.8.

Inequalivm magnitudinum maior ad .
eandemmaiorem habet proportionem,
' guam minor 3 Et eadem ad miiis-
~ remmaiorem habet,quam
‘ Slut' inzquales magnitudines AB, C3
I &7 firque A B major quam G, fit&alia D
quzcunque, Dico ABad
‘g . Dmaioréhabere propor-
" tionem,qui CadD;&Dad
C maiorem, quamad AB. -
r{ I,Cum enim A B maior fity

quam C; ponatur ipfi C- )
qualis B E. Itaque minor adef. éuse
B € ipfaram AE, EB emuléis

gicetur s donec maior fiat

quam D.Si¢ primd A E mi-
: norquam EB; & muleipli-

' . cetur A E,donec major fiae
Hi ~ quam D, quafit F G, Et

quam multiplex et F G
‘ N ipl-
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Som 1.

d collsgienr C; fitque EBipli Czq

25 ax l.

)
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ipfius A E, tam multiplex fiax GH Ipfuis
E B,& Kipfius C.Sumatur L ip{iusD du-

tripla, & itadeinceps vra plusquo-

ad fampta multiplex ipfius D , fiat prind

maior qui K,fumptafit N quadruplaipi-
us D,& primo mator quam K. Cum ergo
K primo minor fit.quam N, non eritK
minor quam M, cumque zque multi-
lex fit FGipfius AE,& G Hipfius EB;
Ecrit F G zque multiplex ipfius AE,&
'FH iplius AB. zque autem multiplex
eft FG ipfius AE,& Kipfius C. ¢ 2que
ergo multiplex eft FH ipfius AB, &K
ipfius C: funtergo F H, & K xque mulki-
lices ipflaram A B, C, Rurfus cum GH
ipfius EB zque fic mulll:iﬁlcx »vt Kipfius
alis:derit& GH
ipiK zqualis. AtK noncftminorM: er-
ncc GH minor erit M :maior autem

* eftFG quam Djrotaergo FH viraq; D,
- M maioreft, Sedvtrag; D,M zqualiseft

0%/ 75

ipliN,cum M Egﬁus Dfittripla, vtraque
autem M, D ipfius D quadrupla ; eft vero
& Nipfius D quadrupla: er%_}) vtraqy M,
D zquales fant ipfi N: fed FHipfis M, D
maior eft.¢ Ergo FH fuperat N; & Knon
fuperat N.quiaergo FH, & K funt ®que
multiplices ipfarum AB, C; Ae N ;g 8

: ' vt
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vieunqgsmultiplexeft, fhabebit A Bad fCukrisim
maiorem propoitioném quam Cad D, /¥ gs«rs.
ico contraD ad Cmaiorem habere,qui & 74~
-monfirabimus N fuperare K.& non'fu- 0. ppererg,
rart B H. Brenim Nihultiplex eftipfl. madriples
“Pripfarum vero AB,C vtcnnque mul prima f f;
slices fiint FXL. K thibetergoD gd C ;;j;";n ,

hiorem proportionem, quam ad A BJ, puii.
jam A Emajior quam EB,& minor EB pas rerria
‘ultiplicata st taior quith D, qua ft Keew/a-
g | GH,multiplex quid€ ipfi. perer muks
g usEBimuiorveroquamD. 2IM
1 T Erquammulriplex eft z,,', maioy
| A ipfusE B, tam multiplex sraporivo
Lo i i{a‘:‘FGipﬁu‘s Al & K484dD.
1B ¢ ipfias C;fimiliterq; offen- g"‘::";,ﬂ
EHB € démisFH, &K ipfardm [ # '

- HL B S 6B, Caque miltiplics ef. ™
e fé. Sumaturtéinde N mult-

17 plex quidem ipfius D; prithor
I autém misior qdam F G, vt
i turfits F G minof- non fie
ML quam M; maior verd G H
quam Djitaveeots FH ipfas D,M, hoe
eft,N fuperer; K veroipfam N aon fupes
ret;quoniam & GF ritaior quam GH,hos

oft, qui K, ng fuperat N.atq; ita perficies
E . Na o




196 rIssER V. .
" mus demionfirationem vt fupra.Inwqua.
lium ergo, &c.. Quod oportuit dkmon-

Grare. an
Propofitio 9. Theocr. o.

_qud candem; eandems habent pro.
portiemems, aquales [uns:Et ad geu

" eadem eandem habet Grille funs

equales.

Abeat vtraque A, & B ad Ceanden
. -. & Bproportionem. Dieg A, B zquals
aprop b5 - effe. Sinon funt £quales,gnon
s ) habebit vtraque A, B dd € ean-
) . dem proportionem ;Habetav-
4 tem  zquales érgo fune. Fabe
- .1 1 at deindeCad A, B canden
- ‘_pﬂ)or‘tionem._ Dido A,B:
_ -} quales efle. Sinonfunt equ:
bproplge . des b nonhabebit C ad A,B
. eandemproportionem, Habetautem,z-
_ quales ergofunt. Quzergo ad eandem,

" &c.Quodpportuitdemons

ﬁurc.
206(0)s0

“Pre
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" Propoficio ro.Theocr. xo.

d eandem proportionem babentism,
s maiorem babet maior eft ; ad quarm
werd eadems maiorem babet, mi-
' nor eff, - o
\ Abeat A ad C majorem
[ propartionem, quam-B.
Dico A maiorem effe. Sinon.

A o Nor. non zqualis e vtragslenim
L A,B eandem habgret propor-

. tionemad C;atnon habet;nd
L 4 ergo Baqualiseftipfi A. Non

[ ‘quam B. § haberet AadCmi-
p - norem proportionem , quam
{ B; at non habet: non ergo. A

minar eft quam B, oftenfom eft
- autem quod neque fitzqualis.

maior cftergo A quam B. Ha-
eat rurfus C ad B majorem proportio-
em quam ad A; dico B minorem effe,

uam A. Si non;aut eft zqualis , aut ma- cprep.s.g.

>r. Non 2qualis, ¢ haberet enim.Cad A
¢ Beandem proportionem satnoa ha-

et; non ergo A zqualiseflipfi B, Neque dprop.s. 5

naioreft Bquam A; dhaberetenim Cad
. N3 B mi-

aut A eft zqualis B, aut mi- mp.9.5s

minor, quia fi mipor cfiet Ay yryp.s.5,



B
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B minorem proposdancm quam ad A; at
pon habet: non ergo B maior ¢k quam
*A. Oftenfum ¢ft autém quod riequez-
- qualis.maior ergo e A,quam B. Adan-
ﬁemergb proportioné, &¢. Quod opu=
tuit demontftrare, \

.o B

" . Propofitior I.Tﬁ_eocr.. Xl
- Bna cider eadem fimt proportions,
' & interfe udem  funt.

Sltvt Aad B,ficCad D ; & vt CadD,
‘\AicEadF. Dicocfle vt A ad B; itaFad
.¥. Accipiantur enim ipfarum A, C, Ez-

" quemultiplices. G, H,K : ipfarum verd

.y B: D.Faliz vicunquez

o que multiplicesL,M,N. E

. ] quizeft,vt AadB,ita€Cad D,

acceptgque funt ipfarum A,

_ I C zque multiplices G, H;

G A B L ipfarum verd B, D vecunque

s s i zque multiplices . ,M:«¢:-
1 IIZ g0 fi G excedit L, excedit&

) H irfam.M,_a_c {i zqualis, z-

o T -1 qualis;fi minor,minor.Rar.

1 I 1 fus cum fit v C ad D;ita

H CDM adF. & acceptz fint iplarum

. GE zquemyleiplices I-},léa

. I,P ¢
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noIz

9

ipfarum verd D,F aliz vtcun. baef s
quezque mukiplices M, N.

cxcedet & Kipfam N ;& fiz-
qualis, zqualis;fi minor, mi-

K E F Nnor. Sed fi excedic H ipfam

M; excedet & G ipﬁmL

} bergoficxcedit Hiplam M,
I

fi zqualis,zqualis ;fi minor,minor. Qua-
re (? excedit G ipfam L, excedet & K
ipfam N; & fi zqualis , 2qualis : § mi~
© nor ,minor. Etfunt quidem &G,Kiph-
rum A, E aque multiplices : L ,Nve-"

; ro ipfarum B, F funt aliz vtcunque
que multiplices, Eff eergo ve A at
ita Ead F. Que ergo cidem, &¢.
Quod dcmoqﬁrarg [
portuit.

[l

. 9

B;cdfss

L .

~
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Propofitio 12. Theocr. 12.
Si guotcunque magnitudines propor
tionales fuerint, erit vt Unaanteced:-
pinm sd unams confequctitism , jt gom.
" mes antecedentes ad omwes
confequentes.

Slnt quotcung; magnitudines A, B, C,
D,E;F,vtquidem Aad B ; itaCad D,
. & EadF. Dicovtelt A 2dB;

itacfle A,C,Ead B,D,F.Ac-

cipiantur enim ipfarum A,

-1 C,Eeque muliiplices G, H,

) £ K:ipfarum yerd B, D, F alia

G A B L vicunque zque multiplices

) L, M, N, Et cum fitvt Aad

B;taCad D; &E ad F,acceptzque fint

ipfirum quidem A, C, E zque multipli-
eIz S G,H, K ;ipfarum verd B,

"o D,F.alig vtcung; £que multi-

84efi1, 4, plicesL, M, N;ergofi«G exce-
I 1t é!;L,e:;:cg‘er‘;& Hi%.si N;&K
1plam N & -frzqualss, 2qus-

H C(.ID Mlis;ﬁ minor‘.'min%r.' Qlu?'e Q
excedit Gipfam L; cxcedent & G,H,K{i-
Plask,M, N, &fi ¢qualis,gquales,fi minor,

_mino-
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S minoressfuntque G;&G,H,
4 T-TZ _ Kipfaram A,&A,C,E,¢qué
- | multiplices; & quiafifuerint bprep.s.ay
quotcumque magnitudines
I [ quotcung; magoitudinum,
K E F N #qualium numero fingulz
' fingulorum 2qué multipli-
ces, quam multiplex eft vna voius, tam
muluplices funt omnes omnium. Eadem
de caufafune, L, & L, M, N ipfarum B, &
B,D,Fzque multiplices, Eftergove Add
B;sitaA,C,Ead B,D,F.Si ergo quodcum-
que;maguitudines, &c. Quod oportuit
demonftrare. .
Propof.r3.Theor.13. .
Sé primaadfecundam eandem propoy-
sioncm babperit ,quamtertisad quar-
tam s tertiaverd adquartammaiorem
babuerit,quam guinsaadfextam; ba-
bebit Crprimasdfecundamma-  °
' sorem,gnam quinta ad
. - [fextam, '
Rima AhabeatadfecfidamBeandem
proportioné, quam tertia C ad quar-
tam D. Tertia vero Cad quartam D ma-~

ie1€habeat, quam quinta Ead fextam F,
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Dica primam A ad f{ecaa-
dam B ‘maiorem habere,

¥ _ quam quintd E ad fexum
] ¥. Cumenin Cad Do

. + iorem proportionem ks

best,quam Ead F¥ 3 fintqu

' I T ipfarum C,E qugdam gque
A B N muliplices; ipfarum ver
D, Faliz quecumque: s

: muhiplex quidem ipfius C

& 4 excedat mukiplicem ipf:
G C
Is

M

us D 5 miiliplex vers ip
fius E non excedat muol-
plicem ipfius F. Sint
[. ] ipfarum G, E zqué mula-
D K plicesG,H:ipfarum D, F
alizvtcumque K, E, 6 fic, |
- vt G quidem K excedat: H
- verd L non excedat. 8 qui
- multiplex eft G ipfins G,
. I ][] twm multiples Ge M ipfius
HEFL A;&t}l)lam multiplex e K
o iplius D, tam multiplex fit
NipfusB. EtcumfitveAadB; itaCad
D,accepted; fintipfarum A,Czqué soul-
tiplices M,%,: ipfarum verd B, Dalieve-
cumque gqué multiplices N,K,fi M fupe-
rat N, & G fuperabitK;& fi gqualis,gc?u-
" lisifi minor, minar : fuperatanté Gip afm
’ K;fu-

sl 7.0,
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K; b fuperabitergo& Mipfam N:at Hno Varg
fuperat L;& fuat M,Hiplarum A,E equé of-5.8
multiplices ; N vero & Lipfarum B,F vt~
cumque gque multiplicesfunt:chabet er-
o A ad B maiorem propertionem,quam
adF. Siergo prima ad fecundam, &¢.
Quod oportuit demonftrace.
) Propo(14.Theor.14,
Siprima ad fecundam candem habue-
yit propertianems,quam?tertiaadguar-
$am; prima autem quam sertia masor
Juerit,eris & [ecundaquam quarta .
maior:C fiequalis,equalis; fi
. minor,minor.
PRima A adfecundam B eandem ha~
beat proportionem, quam tectia Cad
14 quartam ). & fit A quam
; C maior. Dico& Bquam
: D maioré effe, Cum enim
}- ' I A quam C maior fit, {itque 5 prep 3. 14
: ‘ alia quzcung; magoitudo
ABGD B; g habebic A ad Bmaioré
praportionem, quam Cad B. Veaytem
A ad Bjficeft Cad Diergo Cad D maioré bprepdgl
habet proportionem,quam Cad B. Ad
b.quam autem cadem maiorem propor-
tionem habet ;illaminor eft; mingrergo
etD quam B.quare BquamD maig; efts
M (-
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* $tmiliter demonftrabimus fi A zqualisffe
C,& Bipfi D zqualéefle:&,fi A minorfic
quam C, & B minorem effe quam D. Si
ergoprimaad feciidam, 8cc. Quod opor-
toitdemonttrare. .

Propof1§.Theor.1§.
Partes cum payiter multiplicibus ean-

dem habent proportionemfivt fi-
bimutuo refpondent , f&-
. mantur,

Yot zque multiplices AB ipfius C,- &
DEipfius F. Dicoeffe ve CadF;ita’

A ABadDE.Cum enim

AB ipfius C itamulti-

plex fit,vt D Eipfius F,

-Gt . - erpntin AB tot magni-
: .tudines zquales ipfi C;

H - *quot funtin DE 2qua-

- I lesipfiF. Diuidature-
B C E ¥ nimABinmagnitudi-
nesAG,GH,HBequalesipfi C.E:DEin
DX, KL,LE zqualesipfiF, eritg; multi=
tudo A G, G H, HBzqualis multitudioi
DKKL,LE.Etquiatam AG,GH,HB,
quam DK, KL, LEzqualesfunt, erit vt
AGadDK;itaGHad KL,&BH ad LE;
CL o o erit
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dcritetgo vevaum antecedentium ad v- 4 prep. 1.5,
num copfequentium ; ita omnesantece-
dentesadomnes confequentes. Eftergo
vtAGadDK;itaABad D E. Eftautem
A Gipfi Cequalis, & DKipfi F: ergovt -
CadF;itaA Bad DE. Partesergo, &c.
Quodoportuitdemontlrare. .
. '« ~{Propof.16.Theor.16.
Siquatuvr magnitidines proportions-
Alesfucring, ¢ permutasapropor
i, 1ot iopaleserunt, ,,
Q1riv quatasrmagnitndinesproportio- 7 -
nules A,B;C,DiVeAadB;itaCad Db
: Dico & permutatas propor-
16 tionaleseffe:VtAad C;itaB
*n U ad D, Acdpiantur-enim i~
-4 T o+ 7 plaram A, Beqoe mulsipli-
. iccs,E,F';i;é‘amtﬁ C,Daliz
L 1vtcumqueG,H. Etquia E,
EAD Fr 'aquf:l multiplices (%ntip-
Cul " faramA,B;# habentdspate oy g
" tes eodem modo muitiplis
36 um cidem proportionem
. J' . 7 interfecoparatgiesitvt Aad
. I . 1 BsitaEadF.VtverdAadB;
- 4 1T {iaeRCadD: ergoveCad
& CPH: Djitastt Ead E.Rurfuséug
)
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G,Hipfarum C,D fint 2que multiplices3
Beritvt Cad D, itaGad H. VtautemC
adD;itacftEadF:ergovt Ead F;itaclt
Gad H.r Cumauté quatuor magnitudi-
nes proportionales fuerint , & primaqui
tertia maior fuerit,erit & feciidaqud quar
ta maior ; &;fi zqualis , zqualis} (t mirvor,
minor.Ergo fi E fuperat G,& Ffuperabic
H. &,(i zqualis, zqualis; fi minor, miner.
SuntautemE, F igfarum A,B,zquemul-
tiplices: G, Hveroipfarum C, D vtcima
uefuntzquemultiplices. ¥ Eftergo vt
AadC: ita Bad D. Siergo quatuer,ma-
gnitudines,&e. Quod opostuit dempna
ftrare, S S :

Propofx 7.Theor.17:.

35 compofite magnitudines proportioa

wales fuerint, & divifepropr-
tionales erumts. .
Sl‘nt compofitimagnitudines AB, BE,
C D, D Fproportionales. Vt quidem

-A B,ad B E;itaC Dyad D F. Dico & diui-

fas proportionalesefle, vt A Ead EB;iita
‘CFad FD.Accipianturenim ipfarii A E4
EB,CF,F D zque multiplices GH,HK.
LM, MN:ipfacii verd EB;j FD ali vecti+

i 1 q“‘
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.. .quegquémultiplices KX,
X> P NP. Etquiazquémulii-
plexef GHipfliusA E, vt

X

&+

1 HXipliusEB; # erit GH agrop.1. 4,
_pfius AE ¢que multiplex,
gl Bp }-vwGKiphus AB.queau-
g % - tem multiplex eft GH i-
[F plius AE, vt LM ipfius

- @ A GL. CFbergoeque multiplex bprop.1rsy
et G Kiplivs AB,yt LM ipfius C.F.Rue:
fusquiagquéd muldiplex et LMiphinsCF,
viMN iYﬁus FD; ¢ ctit LMipfiusCF cprop.t. 3
zque multiplex, vt L Nipfius C Dizque
satem multiplex erat L M ipfius CF, vt

~ GKipfius AB1d'ergo GKzque multi- 4,rep. 405

plev eftipfius AB,vt L Nipfins CD.Sunt '

ergoGK, L Nipfawrn A B, CD 2zqué
multiplices, Rutfpsquia HK ipfiusEB

zqué multiplex eft,ve M N ipfiusF D.Et

verd & K XipfiusE Bzqué maltiplex, vt

N Pipfius FD.# erit compofita H Xipfius cprp-n. 4
E Bzqué multiplex,vt M Pipfius DF.Et
quiacltvt ABad BE;ita CD ad FD;fnm-
y,tz(lue funcipfarum AB, CDzquemaul-
tiplices GK, LN. Ipfarum vertd EB,F D
aliz vtcunque gqueé multiplices HX,M P.
Siergo G K fuperat HX,& L N fuperabit
MP, Exfizqualis, gqualis; G minor, mi-
o Doy
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X nor. Superet GKipfam
I> -p HX,blata communitK,

' " ] fuperabit GHipfamXX.
< Sed i GK fuperat H X fu-
perabit & L Nipfam MP,

B, 1 Soperet ergo L N ipfam

B E ? NP, fupe:agbit(communi
F ) .

1 "1F] |- MNablata) &LMipfam

@A CL NP QuarefiGHfuperat

KX, &L M fuperabic N P; Similiterde-

monftrabimus, 6 G Hegualisfit KX, &

- L Mizqoalem'efle N P& liminor,mino-

ddefes. 5.

remiEtfunt GH, L Mipfarum AE, CF
aque mulplices. ipfarum verd EB, F D
sz vicumque XX,N PJEftergove AE
od EB;ita CF,ad F D.Siergo compofi-
t‘,&c. Q‘Pd Opor!ult demonﬁfﬂ'eo oo
. ' Propof18.Theor.a8.
Si dinifa magnitndines proportionales
" fucrint,& compofita propor-
tiowaleserunt, ,
Slm diuifzz magnitudines A E,E B;CF,
F D proportionales, Vt A Ead E B;its
CFad F D. Dico &compofitaspropor-
tionales effe,vt AB ad BE;ita CD ad FD.
Sinoneft e ABadBE; itaCDadF Dj;
fitvt ABadBE;itaCD 1c!admin¥elt)n
’ 2
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, 18 FDjvelad shaiorem.Sitprimoad
minorem DG. Cum ergofit, ve
€ ABadBE;itaCDad DG, erunt
compofitz magnitudines propor
x tionales; # funtergo & dimfe,ve o
Fr AEadEB,itaCGad GD;poni- aprepa7.2
G turautem vtAEadEB;iaCF -~ .
B,D adFD:beritergovt CGad GD, bprep-ivs.
itaCFad F D. Eftautem prima C G ma-
iortertiaCF: ¢ eritergo &fecunda GD orop.14.5
maior quarta F D; {ed & minor eft: quod
fierinon poteft. Non ergo eft vt ABad
B E;itaC Dad minorem 1pfa F D.Simili-
ter demonflrabimus,quod rieq; ad maio-
. remFD;ergoad ipfam:Siergo diuifa, 8¢
Quod oportuitdemontirare.

Propof.19.Theor.19.
Sifueritvttotaadtotam;itaablataad
ablatam;Grreliguaadreliguamerit,

wttotaadtotam.

Itvttota ABad tota CD;itaablata AE

ad ablaram CF. Dico & reliquam EB

ad reliquam F D effe,ve efttota AB,ad to-
tam C D.Cum enim fit vt tota A Bad to-
tam C D,ita A Ead CF; crit petmutan-
doABadAE, vtCD ad CF, &# diui-
o) deado

dprop.a6.s
bpropuaz.s
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dprop.10. ;' .

cdef.17.5.

" E
B

210 illllﬂ

19 dendoBEadEA,wDFad
A " FC;rurfusquepermutandove
€ BEadDF;itaEAadFCVe
' verd AE ad CF; fic ponitue
tota ABadtotamCD. ¢ ¢ft
ergo reliqua E B adreliquam
F D,vttota ABadtotam CD.
D  Sicrgo fuerit,&c.Quod epor-
tuitdemonttrare.
(orollarium..

Etquia demonftratum eft, vt eft AB
ad CD,ficeffc EBad F D,erit dpermuti-
dovt ABad EB;itaC D ad FD.compofi-
‘tg crgo magnitudines pportionales funt.
Oftenfum eft sutem,vieft ABad A E; it
eflc CDad CF, quodeft per conuerfio-
né rationis. Vnde perfpicuum e}, (i com-
poficg magnitudines proportionales fint;
& per conuerfionem rationis proportio-
nales eflc.

Fa&eautem funtproportiones, &in
aque multiplicibus, &in analogiis. Nam
fi p:ima fecund aque fuerit multiplex,
arq; tertiaquarta ; erit ve primaadfecan-
dam;itatertia ad quartan:. Sed nonitaex
coutrarinconacititur. Si enim fueritvt
primaad fccundam,itatertiaad quarcam,

~ non
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non omnino erit prima fecundz, & tertia
‘quarte zque muktiplex,vein fefquialteris,
vel fefquitertiis proportionibus, vel aliis
huiufmodi.
Propof.20.Thsor.z0.

-Sifuerint tres magnisudines,draliail-
Uiz wumero aquales , quabina & inea-
dem ratione [uritur, ex aquali autens
primaquam tertiamaior fuerit,eris &

* guartaquamfixsamaior;cifia-
" qualle,aqualisfi minor,
: minor. ,
; SInttres magnitudincs A, B, C; &alis
i Jdipfisnumero aqualesD, E,F, ?uz bi-
. -* - nz,&incadem ratione{uman-
o tUE Vtquidein Aad B;ita Déd
E.VtveroBad CificEad Fyex
, ®quali autem A maior fi quam
{ 1 C. Dico & D quam F maiogem
[ effe:& fi zqualis,¢qualem: i mi-
A B € porminoré. Cum enim A ma-
+ 4,0 iorfit quam C; alia vero quz-
{ cumg; B. « Habebit Aad B ma-
D

- adB. SedvtAadB: ficefiDad
F E vtantem Cad Bitacfthcon- byrap.1eg
02 ucts

{ T iorem proportionem quam Cgure d.,
E
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‘uertendo Fad E: Ergo DadEmaiorem
bpropae.g proportionem habet,quam FadE: & ad
eandem autem proportionem habéium,
quzmaiorem habet, illa maior eft; maior
eftergo D quam F. Similiter demontftea-
bimus. SiA fit zqualisC; & D zqualem
effe F; & fiminor, minorem. Si ergottes
fuerint magnitudines,&c.Quoddemon-
firarcoportuit.
Propof.2x.Theor.31.
Sifuerintsves magnitudines , & alia
ipfis mumero equales qua bine,Crimes-
demproportionefumantsr , fucrit an-
temearumperisrbasaproportio, o ex
agsaliprimamaior fuerit quamsersia,
& quartaquam fextamaior erie,
afs cgualé, equslic, & fi
minor,minor.
Inttres maFnimdines AL,
C,&aligiplisnumero equa-
les D, E, F quz binz,8 in eadé
I ratione {umantur fitaiit pertur
Bc bata earum proportio vt Aad
A B Cp i Ead F,&vt Bad C,ficD ad
E;fitq; ex 2quali A qui C maior. Dico &
D maiorem effeipfa F;&fi 2qualis,zqua-

.. lem;
2 4 ‘

»



LTEER V. g
" lem: fi minor, minorem. Cum
ZX  ergo Amaiorfit quam C, fitg:
aliaquzdam B.#Habebit A ad aprop.t.s: *
Bmaiorem propartioné, quam
1 CadB.{ed vtA ad Bjitaeft Ead ,
F.Et b conuertendo,vt Cad B, bprep.#.1.
D B F j13E ad D:equarc Ead F maig- €772/
rem proportionem habet, quamE ad D. '
Ad quam autem eadem maior€ propor-
tionem habet,illa minor eft:minor cft er-
go F,quam D:adeojuemaior D quam F.
Similiter oftcademusfii A fiy zqu:llis C& .
D ipft F 2qualem effe;& fi minor, mino-
 r&.51 ergo fuerint tres magnitudines, &a,
' Quod oportuit demontftrare.

Propof'32. Theor.z32.
Sifucrint quotcum g, magnitudines,&r
aliaipfisnumeroaquales,que bine , &

ineademproportione fumantur,&@
- axaqualiineadem propor-
: iomeerunt,
Slnt quotcumg; magnitudines A,B,C;
&aliz ipfis numero zquales D, E, F,
quéebing &in cadem proportionefumi-
wur,vtquidem A ad B;ita D ad Esveverd
B ad C;fic Ead F.Dico quod ex zqualiin
: A N O3 - cadem
K :&;
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cadem fint proporti-

zz . one.; Hoc eRdico ve
' : . chAad C;itacfle D
{ ‘[ . { 1 adfF. Sum;dtgr enim
ipfarum A , D 2qut
ABCDEF gmli:iplicé;G , Hq:fi.
G K LN pfacum B, Ealiz vt
1 ¢ cumgque K, L. Iremi-
plarum C, F aliz vt-
cumq; M,N.Et cum
‘ . fit,vt Aad B;itaBad
' . <E,acceptzquefinti-
' : , plirum A, D aqwt’
ﬁZ multiplices G, H.1-
14 o farum B, E aliz vt-
' ‘ 3¢ mt lt‘:gliccsK, I: « erit vt
.#.5, cufrique zquemu s 4
Rikaad G ac? K; izg HadL, Eademdecaufa erit,
vt Kad M;itaL ad N. Cumergozres ma-
nitudincs fint G, K, M;& alizipfis gqua-
fcs numeroH, L, Niqua binz, & in es-
bpr9p.30.5 dem proportione fumuntur; b exzquoali
fi G {uperat M, 8 H fuporabit N; i 2 qosa-
lis, zqualis; fi minoryminor. Et funt G,H
ipfarum A, D zqué multiplices. M, Ni-
¢ dfs.  pfaram C,Fieeritergo,ve Aad CjitaD ad
‘ F. Siergo quotcumque,&c. Quod
‘ oportuit demonftrare,
atyo

Pro-
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Impof 23.Theor.23.

i fuerint tres magmmdme:, drabie
pfis aqualesnumero , que bina , ¢rin
ademproportione fumantur , ﬁtmtﬁ
- éarwmperturbazaproportiostr ex
[ ¢gualz ineademn prapuma- '
1 - : mertmt L ! ;
Int tres me nitu-
1 23 ; d?nes A,B,C,&a-

'[ i liz ipfis zquales nu-
I mero bing in eadem
- A B € DEF proportione fumpte
G M D,E, F;fitautem ca-

|

portio. Vt Aad B; fic
EadF. VtveroBad
C;ficDadE, Dico

I{ rum pefturbata pro-
; _ .,eﬂ'c vt Aad C; itaD

?
+
: 4. ., adF. Sumanturipfa-
.o . ra A,B,Dequémul-
j, . tiplices G, HLE. pfz-- e
? mm C, E,F, ahzvtcumqucL, M,N Et
'~ quia G, H iplarum A, B funt 2qué mul-
-~ tiplices , 4 partes autem eodem modo aprep.isifd
| multxphcnum candem habent propor-
uoneu,cnt vt A2dB;lic Gad H.Eadem
Ll 0 4 de
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decaufa erit, vt Ead

23 F;fic Mad N,cum§
ﬁt vtAadB; mEa%

1411 Fperie quoquc,‘vt@

€ DEF 5d HiiaMad N.Ru
1w fusquiacfiveBadC,
H‘ v K ita qD ad E,fumptaq;
funtipfarum B, D 2-

qué multlpllccsH,
ipfarum verd C,Ea-
lizvtcumque L, M;
cerit th adL; mK
“ad M. Oftenfum cf
autem cffe, vt Gad
H ;itaMad'N.Ci ergotres magnitudipes
G H, L, proportionales fing; &aliz ipfis
numerbzqualesK; M, N, binzin cadem
roportione fumpte, ﬁtq, earum pertur-
Jpn[-" t ata proportio; cx- 4 =qualifi G fuperat
7 1Ly & Kfupéerabit N; & fizqualis, 2qualis;
- fi minoryminor,funt§ue G,Kl farum A,
- Dlgquemaultiplices. LNverdipfarumG
cthe F.c EfYjergo, vt Aad CjitaDad F. Sier-

go ﬁnt tres,8c. Quodoport uit

demouftrare,

Ry

[ 4 m." I [ ] 55

Pro- |
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i - Propofitioz4. Theor,24.
" Siprima ad [écundam eandem habue.
yis propomo»em,qmm tertiaad guar-
tam; habear antem ¢rquintaad fecun-
dam candem, quam fexta ad quartam:
babebit & compofitacx prima é’qum-
t4& 4d fecundam eandem proportio-
- mem,quam tertia O fexta
adquartam,

i HAbeat prima A Bad fecund$ C ean-
J dem proportioncm, »qui tertiaDE

i adquartam F.habeat verd & quinaBG

i ad fecundam C eandem proportionem,

1 quamfexgaEHad quartam F.Dicocom-

s Poﬁtam prima & quinta A Gad {ecun-

1 dam C ecandem habere

{ * propoitionem, qui ha-
I bet compoﬁ:a ex tertia
! 8¢ fexta DHad quaitam
1 F. Com enim fit vt BG -
i _ adC;itaEHad Fyaerit 2 Lemma
' couertendo vtC 3dBG; - +5
itaFadEH. Et quia eﬂ:

vtAB ad C:itaDEadF.

Viverd Cad BG;itaF
sdEH,§Ex zquali ergoprop. 31 g4

Qs cff

v

SRR IR
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eft;vtABadBG:itaDEad EH ¢FE:

cum_diuife magnitudines proportiona-

les fint, erunt & compof tz proportiona-

dprop.s2.5. 165 Veergo A Gad G Bsita D H ad HE.

22T ER vero,vt GBad C: itaEHad F: dexz-

uali ergoeft, vt AGad C:ita DHadF,

gl ergo prima ad fccundam &c. Quod
oportutt ucmonﬂrarc

sprepil.z.

Propofitioz g Theor .25.

Si guatuor magnitadines proportions-
- l:ifa‘:n'm maxima Cminima
daabm' religues maio-
reserant. '

SInt uatuor magnitudines pportions
lesAB CD,E,F,vt quidé M,ad CD:
ita E 2d F.Sit maxima A B,minima F, Di-
U ,coAB,&P.quthD,

_ 1..;'1-- =5 E maiorescfle.” 4 Pona-
sprp3r. UL 1pﬁ E 2qualis AG;
..&j.,. 7. .. ipfiF,zqualisCH. Cum
.. .ergo fitvt ABad CD;

itaEad F. Sit'autem ipf

. E zqualis, AG; Fvero
.CH.erit ¥t ABadCD
itaAG ad CH, Et quia

- eftvi tota’A’B ad toram
CD,

p

i
bl P
e 4

’ ”i'—*—‘
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CD ;itasblara A G ad ablatam CH; b erit bpropts.sh
S reliqua GB ad reliquam HD, vt tora
AB ad totam CD: maior effavtem A B
quam C D. maior ergoetiam et G B, qui
HD.Etcum AG zqualisfitipfi E;& CH
ipfi F; erunt A G & Fzqualesipfis CH, .
& E,8 cum, ¢ quando zqualia inzquali- cax. 4
bus addentur, tota fiant inzqualia. Ergo
fi (G B, HDinzqualibus cxiftentibus&
maiori GB)addanturipiG B, ipflz AG;
& F;ipfiverd HDjipfa CH,&E, colli-

entur A B,& F maiores,quam CD; & E.
%i ergoquatuor, &c. Quodoportuitde-
monflrare. ‘

Sequentes propofitiones non funtEnclidis,
Jed 4 Federico Commandino ex Pappe Ale-
Xandrino collelle. - :

" Propofitio 26.Theor. 26.
Si prima adyecondammaiorem habue-
ritproportionem,quamtertiaad guar-
tam , habebit conuertendo fecundaad
" primans minorem , quam qusr-
o ‘taad tertiam, B
HAbcat ABadB C maiorem Apropor-‘
tionem,quam D Ead E F.DicoCB
- ad
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3d B A minorem habere, qui FEadED-
Sitve ABad BC:ita DE ad aliam G:er-

' goDE adGm-
A B___ & iorem habet pro-

R portionem , qud
E—FRF DEadEFam
G

prep. . 5.
S ‘nor ergoerit G,
quam EF. Ponatur ipfi G 2qualis EH.
Quiaigiturvt ABad BC;itacfiD Ead
b Lemma F H: berit conuertendo,viCBad B A;
e ~4 . itaHEad ED.eSed HE ad E D mino-
Pr%:%-7 tem habet proportionem ; quam FE ad
ED:Ergo& CBad A Bminorem habe-
bir,quam F Ead ED. Quod oportuit de-
moaltrare.. _ ,
o Quod fi AB
Py pesd. BCmino-
“"Z0"  rem habuerit
proportionem,quam D E ad EF ; habe-
bit conuertendo C B ad B A maiorem,
quam FEad ED. fitvt ABad BC; ita
dprep.2.5. D Eadaliam E G, d quz maior eritquam
¢Lemma EE. ¢ Conuertendo ergo-erit vt CB ad
sz, BA;itaGEadED. fAtGEad ED ma-
777 iorem habet proportionem,quam F Ead
' ED: ergoCBadB Amaioremha-
: bebit, quam FE
- o«ED, - s
Pro-
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- Propofitio 27. Theor. 27

Siprimaad fecundam maiorem habue-
rit proportionem,quams tertiaad quar-
tam;habebit permntada primaad
tertiag maiorem,quam [ecun-

da adquarsam. B
‘Abeat A B ad B C maiorem propor-

tionem,quam DE ad EF.Dico AB *
ad D E maio-

zz ré habere, qua
,qua.

A B CRCWEFRV
¢ R ¥ enim AB ad
BC; ita fit alia

G EadEF: 4quzmaior erit,quam D E. 3 prp. 8.,
BEf crgo permutando,vt A Bad GE;ita Gropass. «
BC ad EF. ¢Habet autem AB,ad D E cprep- 8.5
maiorem proportionem , quam ABad
GE,hoceft,quamBCad EF.Ergo AB

ad D E maiorem proportionem habebit,

quam BCad EF. Quod oportuit de-
mentirare. ' -

A B ¢ g.zglen:x ratio}?el;ﬁ ABad

. ? minor€ habceat pro-

, e £ ¥ portionem, quam l;) E
.z ad EF,lcquetur permu-'
_tando ABad DE minorem habere,quam

BCadEF. Sitenim vt ABadB Cjiraalia
. : GEdd
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dpm.4. 5, GEad EF,dquazminor erit quam D.E.
epropd.5. ¢Sed ABad DE minoremhabet propot-
tionem,quam A Bad G E,hoceft, quam
B C ad EF. Habebit igitur AB ad DI
Einorcm proporiionem , quam B Cal
F. !
- Propofirio 28. Theor.2 8.

Si prima ad [ecundam maiorems pro-
peortionem habeat, quitertia ad quar-
tam ,etiam componendo prima ¢ f-
cunds ad fecundam masorem propor
tiowem habebant, quam tersiachr
quartéadquartam.
’ HAbeat A B ad B Cmaiorem propor-

tionem, quam D Ead EF. Dico&
A Cad CBmaiorem

A * : B habere,quam DFad

‘ FE.fitvt ABadBG;

£ r EF ita alia GEad EF:

aprop. 8. 5. acrit G E maior quam D E. Quia igitur
bpropad.sclt,vt ABad B CjitaGEad EF;beritce
ponendo,vt ACad CBj; ita GF ad FE.
spr9p,4.5.¢Sed GFad FE maiorem propoitionem
habet,quam DF adFE, Ergo& A Cad

' CB maiorem habet proportionem,quam

* D Fad F E. Quog opospiiis dementtrare. |

Quo
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A B_& QuodfiABaiBC
DG L minerem propor~

tionem habear, qui '
8 - DEadEF, dhabe- dpropadsi
bit etiam componendo AC ad CBmi-
norem,quam D Fad EF. Quiaenim AB
ad B C minorem proportionem habet,
qui DEad EF; fitvt ABad B C;ita alia
G Ead EF, ¢ erit ea minor quam DE cprop.f.s,
“ergo vt ACad CB,itaerit GF ad FE,
. fed GF ad FE minorem habet propor-
tionem,quam DF ad FE. Ergo & AC
ad C B minorem habebit, quam D F
ad FE. :
Propofitio29.Theor, 2 9.
Si prima & [écanda ad fecundavi mas
gorem habeat propartionem,quam ter-
sia & quarta ad quartam, habebit &
dinidendo prima ad [ecindem ma-
soremproportionei,quamter-
 tisadguartam.
Abeat A Cad
A Gz} B ¢ CB maiorem
— ' proportioné, qui
P_E_¥ g)) FadF E.Dic?)&
ABad BC majorem hab:‘rc,quam DEad
EF.Vtenim D Fad FE;iufitalia G (d:.
a
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" aprep.2.5.8d CB; acritque G Cminor, quan A C;
"% & dividendo erit GB ad BC; vt DEad
bprop.8. s EF. b fed AB ad B Cmaiorem propor-
tionemhabet, quum GB ad BC. Ergo
¢ A B ¢ & ABad BC maio-

E rem babebit, quam
P— = X DEEF. Sivero

: 2 ACad CBminorem
habeat proportionem,quam DF ad F E;
‘habebit & dividendo A B ad BC mino-
remyquam D Ead EF. Sicnimfitve DF
¢prop.d.s. ad F EitaaliaG Cad CB, ¢erit G C qui
dprepazis. A C maior, d eritque dividendo G B ad
BC, vt DEad EF. Habet autem A Bad
B Cminorem proportionem, quam G B
ad BC; habebiterpo & ABadBCmino
rem,quam DE adEF. _ '

Propofitio 30. Theor. 30.

Siprima & fecunds ad fecundam ma.
foremproportionems habeat,quamter-
tiaCr quartaad quartem; per cosucer-
Sionem rationss prima ¢r fecunds ad
primam minorem babebit,quam
tertia &r quarsaad
sertiam,

Habe-
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H Abeat A Cad B Cmaiorem propor-

tionem,quam D Fad FE. DicoCA
Ko .., ad AB minorem
habere, quam FD
¥ .ad DE. Sit eni;n
A _PB__ ¢ 4tACad CB,fic
EF DFadaliamFG.‘ .1
o . « quz minar erit 8
quam FE.5 Qua- e

re per conuerfionem rationis, vt CA ad
AB;itactitFDad D G,efed FDad DG ¢prapde s
minorem proportionem habet, quiF D
ad DE. Ergo & CA ad AB minorem ha-
bebit,quam FDad DE. QuodfiACad
C Bminorem proportionem habeat, qui
DF ad FE; habebit per conuerfionem
rationis C A ad A B maiorem, quam FD
ad DE;erit enimvt ACadCB,itaDFE
ad maiorem quam F E reliqua.manifefta
flml'. C .
Propofitio 31.Theor, 31.
Siprimaad sertiam maiorem propora
sionembabeat ; quam fécunda ad quar-
s4m shabebit ctiam prima ad tertiam
 masorem, quam prima & [ecan-
dasd sersiam & quar-
ram. '
P Habe-



336 LIBERD
Abeat A Bad DE maiorem propor-
tionem, quamBCad EF. Dico&
A% B¢ ABad DEmz-

i iorem haber,
: DF. Sit enim
aprep.8. 5, vt ABad DE;itaB Cadaliam EG,aqu
- bpropas.s.minorcritquam EF. b Ergotota ACad
spropdese voram D Geft vt ABad DE. efed ACad

D G maiorem proportionem habetqui

sd D F:ergo ABad D E maiorem habe-
bit,quam A Cad D F; Et manifeftumet

totam A Cad totam D F minorem habe:

rc,quam ABad DE. &{iminor ficpro-

portio partis,totius maior erit.

o Propoﬁtio 32.Theor.32.

Sitota adsosam maioréhabuerit pro-
portionem , quam ablats ad ablatam;
babebit & reliqun adreliqguam
‘ maiorem quam totaad
sotans.
HA‘n £ AT A Cad D F maiorem pro-
portioné,quiABad DE.Dico&re-
liqua B Cad reliqui EF maior€ habere,§
"ACadDF. Sit cnim vt ACadDF,in
. . Al
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AB ad DG.
a5z LB caergo & reliaPOpDS
P. . _E p  quaBCadreli-

' quam GF dft, :
vt ACad DF.{fed 5B Cad E F maiorém brrop.d. 0
proportionem habet,quamad FG. Ergo
& BCad EF maiorem habebit, quum AC
ad DF, Sivero ACad DF minorem
proportionetn habeat.quam ABad DE,
&reliqua B C adreliquam E F minorem
habebit,quam A Cad DF, qudd eodem,
‘quofupra, modooftendetur,

" Propoficio 33. Theot.33.
Sifint tres magnisndines ;& aliaipfis
mumero aynales , habeas g prima prio-
yum ad fecundam maiorem proportios
nem, quaprimapofleriorum ad fecuns
dam; fecunds vers priorum adterti.
ammaiorem habeat quam fécunda po-
[fcriornm adtertiam: etiam ex equali

primapriorumadtertiam maiorems
kisbebit,quam primapofie-
riorumad ter-
tiam. )
L Pa Ha-
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 §—J Abeat A ad B maio-
rem proportionem ,
I quam Dad E, & Bad Cma-

iorem,qua E adF. Dicoex
BCQ  equali Aad Cmaioré habe-
, re quam Dad F.Cum epim
Qr.a9.s A ad B maioré€ proportio-
nem habeat,quam Dad E,
1354 habebit permutando A
DEF ad D maiorem,quam Bad
E. Eteademratione B adE
maiorem,tjui Cad F.ergo A adD maioré
habetquam Cad F; & permutando A ad
C maiorem habebit,quam Dad F. Quod

opartcbat demonftrare.
Queod fi prima priorum ad fecundam
. minorem habeat proportionem, quam
prima pofteriorum ad fecundam: fecun-
davero priorum ad tertiam minorem ha-
beat; quam fecunda pofteriorum ad ter-
tiam , Similiter demonftrabitur ctiam ex
zquali primam priorum ad tertiam mi-

. norera proportionem habere,quam
ptimam pofteriorumad
7 tertiam.
Vi m( O) S

Pt

EVYCLE
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" Definitiones.
. Similes figurz reQilincxfunt,qua fin-
_ gulosangulos zquales habent,& [a-
.. teracirca zquales angulos propor- -
. tionalia, Cusufineds funt prepof.4.tri- -
.. . angula ABC.DCE.
t: Reciprocz figure {unt, quando inv-
- - traque figura antecedentes & con-
fequentes ratianes funt. V2 propofs
14.funtfignra A D B F,BECG, én qui-
bus antecodentes funt B B, G B, confe-
guentes BE,B F.Crpropofiis.triangs-
la ABC, AD E.inquibus amtecedentes
[wnt C A,AK;confequentes AD,AB,
3. Extremaac mediaratione linea re@a
- fecaridicitur, quando eft vttotaad
P maio-

!
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majorem portionem,itamaior por-
tio ad minorem. Hec [éétio demon-
Rracacfprop.uib.zsngualineas
m H extremaac media ratione feltn
¢ff.cftg, vt reita A Badmaiorem por-
tionem AH, sta masor ad nssporemBH.

~ demonfirabirnr ctiams lib.6.prop. 30.

4 Aliitudo cuinfque reilincz figurz
eft perpendicularis, qua § verticead
bafim ducitar. V2 propof.primatri-
angulorum A HByABD,AD Lalti-
tudo cff perpendicnlarss AC.

§. Propartio ¢x propartionibus compo-

’ nidicitur, quando proportionum

quantitatesinter fe multiplicatz , a-

" liquam efficiunt proportionem. V¢

ex preportimne dupla & tripla compe-

- mitwr fexenpla: nams demominatay dus

> plaa.duttusin densminatoremviriple

. 3.facit 6. Sunt auterwspfi demosminate-
T YesgquANISIRLES PropeYTtionsm,

[ N
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" Propofitio 1. Theor. 1.

Triangslacrparallelogrammacandem
habentiaaltitudinemsinter fe
Sfans vt bafes,

QlInttriangula ABC, A CD, parallclo-
gramma E C, CFhabentia akitudiné
' eandem, perpendicularem nempeex Ain
' . EA F B DJdu&i. Di-
b ' I coefle,8 trian-
' gul'um ABC,
' ad triangulum
, He BE& D K LACD, &]pa-
; rallelogrammii E C,ad paralielogrammil
. CFvt cltbafis BCadbafim C D. Produ-
~ caturenim B D vtrinquein H, L, fintque
. bafi B CzqualesBG,G H;bafi verdCD
- quzcunque DK, KL, &iungantur AG,.
AL AK,AL. Cumque BC,BG,GH
zquales fint, acrunt & triangula AGH, aprgp.38:1,
AGB, ABCzqualia. Quam multiplex
ergoft bafis H C bafeos B'C, tam multi-
plex efttriangulum AHC ;rianfuli- ABC.-
Eadem de caufa quam multiplexeff L C
bafts ipfius C D, tam multiplex efterian.
gulum AL Crrianguli ACD. Et fi bafis
HC,bafi CL zqualis fit ; erit & trianga-
lum A HC, triangulo A CLequale;Ecfi
. R4  fupes
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bdefs.5.

a4p . LIBERVL

fuperet HC,ipfam CL,fuperabit&eri-
angulum AHC, trianguli ACL; &fimi-

. nor,minus.Ca

. €fgo quatuot
fint magnita-

A dines, duz ba-
HG@BC D X Lf{esBC,CDx
duo triangula ABC, ACD; acceprzq; fint
bafeos quidé B C,& trianguli A BC zque
multiplicia,balis HC,& triangula AHC.
Bafcos verd C D, & trianguli A C D, alia
vtcunq;, nempe bafis C L, & triangulum
AL C:dembftratumq; fit G HC excedat
CL, & AHC excedere A L C;& {i gqualis,
zquale ; & {i minor, minus; § erit ve bafis
BCad bafim CD;itatrianguli AB C, ad
triangulid AC D, EtcumtrianguliABC

¢pr9p.¢141, € duplii fit parallelogrimum ECitriangu-

liver6ACD duplii parallelogramii FC,&

dpropaas.s dpartes eodé modo multiplici eandem

- habeant proportioné, erit vt triangulam
ABCadtriangulii ACD;itaparallelogri-
mum EC,ad parallelogrimum FC.Etqa

~demonftrati eft,effe vebafimBCad bafim
CD,itatriangulitABCad trianguliACD.

sprop.ar.g, ViveroABCadACD:;ita EC ad CF;eerit

vt bafisBCad bafim CDjita parallclogri-

;tlxam E Cad parallelogrammi CF. m:n- ‘
ergo & parallelograma,&¢, Quod o-

portuit deméfirare. Pro-
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Propof.z. Theor,:2.

- Si uni laterum triangali parallela re-
= claductafuerit,proportionaliter feca-
~ bit triangulilatera.Et fitviangulilate-
raproportionaliter feiia fucerint,
reitafeltiones coniungens,
religuo lateriparalle-
laerit, _
Ateri BCtriangu.
li ABC du&a fic
parallela D E.Dicoef~
fe,vt BDad DA;ita
CEadEA. DuBlise-
c nim BE, CD « erit aprop.39.1
: triangulum BDE =-
quale triangulo CD E;habent enim ean-
dem bafim D E ; & funtiaiifdem paralle-
lisDE,BC. Aliudautem triangulumefl
A DE. # £Equalis autem adidem canderh tprep. g, .
habent proportionem:eritergovt BD B
triangulumad ADE;itaC D Erriangu-
lumadidem A D Etriangulum. ¢ Sed ve eprop.r.c.
BDEadADE;itaefBDad D A.cum '
enim in eadem fintaltitudine, quam per-
pendicalaris ex E in A B.du&a oftendit,
inter fc erunt vt bafes. Obeandem cau- .
: ' P s \f‘m,.
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A fam,vtefteriangulum

' ' CDEadADEiuef?

CEadEA: d vtugo

BDadDA;itacftCE
ad EA.Sintiam trian-
guliABClateraAB,
€ A C proportionaliter
" fe&a,fitg; vt BDad D AyitaCEad EA.
Du®aergo D E, dicoillamipfi B C paral-
: lelam effe. iifdem enim conffru&is, cum
- oprop.1. 6. fit vt BDad DrA,ita CEad E A; ¢ atqui
vtBDadDA; itacft triangulym BDE
adtriangulum ADE. EtveCEadEA;
fprpurs.itatriangulom C D Eadidem AD Eyf vt
ergotriangulaBDE ad trianguld A DE,
- fictriangulum CDE,ad triangoli ADE.
wrtumg; ergo triangulordBDE,CDEad
prop.0.5, rianguli ADE g candem habet propar-
Nprop.g0.i tionem,zqualia ergo funt, funtguein ea-
dem bafi D E. b actriangulazqualia ean-
. Memhabentia bafim,in ufdem funt paral-
lelis. crgo D E parallelacftipfiB C, Si ex-

govnilatcri,&c.Quod oportuit
© .+ “demonftrare.

| '1_'*'.‘ o <F> Ky |
o .%E’u 53 ¥
. SR Pre-

gt

prop.1s.2
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" Propof.3.Theor.3.
Sitrianguli angulusbifecesnr , rellag,
angulumfecans , fécet ¢ bafim, habe-
bunt bafis part os'candem proportio-
#em,quam reliquatriangulilaters Et
fibafis parteseandembabeant propor-
tionem,quamreliquatriangntilsters,
. quadvertice sd bafimducitur re-
. dlalincatriavguliangulum .
‘  bifecabis,
Stotriangulum ABC,&
&angulus B A C bifece-
turre@3 A D. Dicoefle, v&
BDad DC,itaBAadAC.
“B D € Ducatur CEper€, parallcla
- DA, cuiBAprodu@ain E occurrae. Et
-quiain parsllelas AD, E CreGa AC in-
cidit, # eruntanguli A CE,C AD zqua- A
lesfedCAD, gﬂ A D ponuntrzquales; *" 5.4
 cruntergo & BAD,ACE zcluales.R.ur- b
fuscum intparallelas AD,EC mcidaltBE,
eeritangulusexternus B A D,zqualisin: ;
terno AgE C;oftenfuseft :utemq& ACE cprop2ai
.ipiBADzqualis: d eritergo& ACE das.r.
#qualisipfi AEC.evnde&latera AE,AC eprgpdn]
#qualia crunt. Exquia trianguli B CEla-
: teri

LI AN
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g -HECdu&actt paralicla A D;

.20 /| feitvBDud DCiinBA
T -ad AE;eftautem A EiphAC
L _}J zqualis: g eftergo ve BDad
gro7.s. B8 € DCitaBAad AC. Sedeflo

iam vt BDad DC;itaBA ad AC,iun&aq;
fit AD.Dicoanguluin B A C bifecarire-
: &1 A D:iifdemenim conftru&is, cum fit
hprep.2.6. viBDad DCjitaBAad AC: h&ve BD
ad D C;ita BA ad AE{eftenim lateriEC
; trianguli B CE du®a parallela A D) erit
2pm. 2.5.vtBAadACitaBA ad AE;s zqualiser-
lr"P-‘-' goeft ACipfi AE..k Quare &angulus
"”"" : ' A ECangulo ACE zqualis erit, 7 fed
7P 191 AECexternoBA Deftzqualis; m8 A
. CEalternoCAD; eritergo& BA D
zqualis ipfi CA D:ergoBACre&ta AD
bifccatur. Siergo trianguliangulus , &c.

Quod oportuit demonitrare,

- Propof.4.Theor.4.
Acquianguloram triangslornm late-
va circa aquales angulos proportiona-

liafunt;Et latera agualibus anguli
© . fubtenfa,homologa,fine einf-
. demrationss. .

Sint R
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‘ SInttriangula ABC.,DCE ¢quiangu-
WJa, zquales habentia angulos A BC,

. DCE,&ACB,D
EC,&BAC,C€DE,
Dico latera circa z-
quales aogulos efle
proportionalia;& la-
terazqualibusangu-

fisfubtenfa, homologa. Componantur ' -

enim BC;CE indireGum.Et cum anguli

ABC,A CBduobusre&isminores l?nt,

fitautemangulus D E Cangulo ACB

zqualis,erunt& A B C,DECduobusre-

&isminares 4 concurrentergo B A,ED adefiria,

rodu&z. Concurrantin F; cumuean-
guiDCE,ABC gc}uales fine,b crunt re- bprop.as.e

@&zBF, CD parallele.Rurfus cumangn-

" li ACB, DECequalesfint, ¢ enmt & ¢prep.a8.1.
A C,FEpanllelz,ideoque FAGDpa-
rallelogrammum eft; deritque F A zqua- d prop.ze.2
lisipi CD; & A Cipfi F D; & cumad *
latus FE trianguli FBE da&afis paral-
lela AC,ecrit vt BA ad AF;itaBCad CE; eprop, 2. 6.
cftautem A Faqualisipi CD; ve f ergo fprp7s -
BAadCD;itaBCad CE;& gpermutan~__ ,
do,vt ABadBC;itaDCad CE. Rurfus gpropro-s
cum CD, BF parallelefint, b erit v BC hprep.a. 4
adCE;itaFDadDE. Ef autem DF .

A o xqua-
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iprepi7.5.. ®qualis A C.Vi)s ergoBCad CEia AL
ksropats ad ED:# ergo permutando,vt BCadCAg
" ,7aCEad ED.Cumergo demonfiram
fit,effleve ABadBC;itaDCad CE. Wt
verdBCadCA; itaCEadED; eritet
$prgas.s.d 2qualive BAad ACsfitaCDad DE.2-
3uian gulorum ergo,8:c. Quod oportuit
emonftrare.

Propof. 5.Theo}. '

Si dwotyiangula lasera proportionalis
babuerint , aguianguls eruns , babe.
buntgue angalos, quibus homo-
logalaterafubtenduntur,

aquales,

HAbeaﬁt wt

A R
' / angula AB
: ‘ F C,DEFlatera
(4 proportionalia,

‘ nempe, vt AB
adBGC;itaDEadEF. Etvi BCad C Ay
ita EFad FDitq;veBAad AGCiaED
ad DF Dicotriangula A BC,DEF gc’ui-

* angula effe, zqualesque habere angulos,

quibus homologa latera fubtenduntar.

_ ~ vndezqualeserunt anguliABC,DEF;

sprop.331- 4 BCAEFD;& BAGEDF.» Conih;
' ‘ tuanty
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tuantur .n.ad pun&a E,FreGtz EFanguli
FEG,EFG zqualesangulis ABC,BCA
eriit ergo&religui BAC,EGF¢qualesiri.
sngula ergo ABG,E G F funteequiangu-
la:ihabent igitur lateracitcd 2quales an-" 2% LAk
gulos proportionalia; eruntquelatera =-
qualibusangulis fubiéfa, homologa, Er- .
govtABadBC;itaEGad EF: Sedve :
ABadBG;itaponitur DEad EF:e ve ¢ propat.g,
igitar DEad EF3ita GEad EF. Virag;
ergo DE,G Ead EF eandem habet pro-
portion€;d equalesigitur funt DE,G E. dprep.p. 10
I Eademde caufa DF, GF zquales erunt.
" Cumigitur D E, E Gzqualesfint,com-

munis EF: eruntdux D E, EF, duabus
GE,E Fzqualesj& bafisD Fbafi GF 2~
ualis; ¢ erit ergo angulus D E Fangulo
| GEF zqualis; & triangulam D E Fri-.
| angulo GEF zquale; & reliquianguli,re-
liquis, quibus zqualialaterafubtendnn-
tur:anguli ergo DFE, GFE funtequa-
les; item EDF, EGF: & cumangulus
FEDzqualisfitanguloGEF; & GEF
.ipi ABC, ferit& ABCipliFEDzqua. fars.. -
lis. EademdecaufseritanguloACB2-
qualisangulus DFE; & angulusad A aa-
guload D.triangulacrgo ABC,DEF ¢-
quiangula funt.Si ergo duo triangula, &c.
: QI,Odg:portuit demonttrare Pro- -

B

|

eprop.d.n



250 LIBER VLI
Propof6.Theor.s.
85 duo trianguls vnum angulum v
aqualem,@ circa equales anguloslae-
raproportionalia habucrint , agquiss.
gulaerunt ,babebuntqueangulos,’
guosbhomologalaterafubsen-
dunt,equales.
SInt duotriangula A BC,D E F,angu-
losB A G, E D F habentia zquales, &
circaipfoslatera proportionalia, vt BA ad
AG;itaEDad DF. Dico triangula ABC,
D E Feflezquiangula,adeoque angulum
ABCan?loDEF;&ACDipﬁDFE,
aqualem habere.s Conftituatur enim ad
pun&a D, Fre@z D F alterutriangulo-

A ram BAC,
2. EDF zqua-
sprop.ayls t@& lisF D@q;m.
gulovero A

' F CB zqualis

B rvd ' DFG:em

igitur & re-
bprop8.r. liquus ad B, reliquo ad G zqualis B tri-
angulaergo ABC, DGF funtzquian-
gula. Eftergove BAadAC;itaGDad
DF:poniturautemvtBAad ACita ED
ad D Fiergovt EDad DF;itagt G Dad

!
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DF; e zqualis ergo eft EDipfi GD,com- p199.9. 1,
munis DF. Duzergo ED, DF, dua-
bus GD, DF funtzquales,| & angulus
EDFangulo G D Fzqualis; 4 esitergo, d prop 8.1,
& bafis EFbafi GF zqualis, & triangu-
Jlum DE Frriangulos G D F: quarereli-
quianguli reliquis gquales erunt,alteral-- -
teri,quibuszqualia latera fubtenduntur.
' Angulus ergo DF G zqualis eft angulo
'DFE;&quiad Gilli,quiad E.8ed DFG _
1zqualiscft ACBangulo;eergo & ACB ean.s,
iip‘}i D FE squaliserit; poniturantem &
iB ACipfiE D F¢qualis:reliquusergoad
! B gqualis erit reliquoad E.triangula er-
igo ABGC,D E F zquiangulafunt. Si crgo
' cgluo triangula, &c. Quodoportuitde-
moaltrare.

Propof.7.Theor.7.
Si duo triangala vnum angulumvni
angulo equalem; ¢r circaalios angulos
latera proportionalia habuerint;reli-
QUoTNIBUEroVtTURgUe,aUt minorem,
aut nonminoremreilo, aquiangulac-
runttriangula; ¢ angulos ,circa guos
laserafunt proportionalia,agua-
beshabebunt.
Q.  Sint



" liquorum verd angulorum quiad C,&F,

RPrOp.23.1.

bprep.sa.r.

cprop.#. c.

d prop.s.5.
eprop.s.1.

fprep.azars

Int duo triangul

4 v ABCDEE ;ghl;-
bentia angulos B AIC

7 \s £ EDFequales;circus
osveroangulos Al

B < D E F latera propo:
tionslia.VtABad BC;itaD E ad EF.re

primum vtrumque minerem reo. Di
co ABC,D E Frriangula,effe ¢quiangu.
Ia H angulum(’lnc ABC angulo DEF;&
quieftad C, lliqui eft ad F , 2qualen.
Quodfi'anguli ABC, DEF inzquils
fint;eric vnus maior, Sitmaior ABC;4
a vonflitvatur ad pun&um B re&z AB
angulus ABG,zqualisangulo DEF. Et
cumanguli A, D gquales fint;item ABG,
DEF; b erunc&reliquiA GB,DF E 2-
quales. triangulaergo ABG, DEF 2qui-
augulafuat;elt ergo vt AB,ad BG;ita DE
ad EF:fudvt D Ead E F;itaponitur AB
adBC:ergovt ABad BC; itaeft ABal
BG. d Cumergo ABad vtramque BC,
BGeandem habeat proportionem , ¢
rupt BC, BGaquales. ¢ ergo & anguli
BGC,BCGequaleserunt: AtBCG
minorre&o ponitur, eritergo & BGC
reGtominor: f quareangulus AG B«
. dein- l

»
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* deincepsmaior ecitreGo:oftenfus eft au-
' tem zqualisangulo F:eritigitur & angu-
‘lus F maiot re&o ;| at thinor ponitut,
‘quod eft abfurdum ; angulicrgo ABC,
' D E F non funtinzquales: zquales ergo. garep.gau1,
' g funtverd&anguli A, D zquales: ergo
1 & quiad C& F zqualeserunt. Quaretri-
‘angula ABC, DEF equiangulaerunt.
' Sitrurfus veerque angulus ad C&Fnon
‘minorreéo. Dico& fictriangula AB C,
'D E Faquiangula effe. iifdem caim con-
ifirudis, oftendemusreGas B C,BG ¢fle
Jezquales, vt prius: 4 eruntigitut &anguli bprop. s
+C,BGC zquales.Cumergo Cre&tonon
'{it minor ; nec BG C re&o minor erit.
‘Sunt ergo trianguli B G 'C duo anguli
non minores duobus reé&is, 5 quod‘ﬁcni ipropaz.e,
noo poteft,hon ergoanguli A BC, DEF
inaqualesfunt: zquales ergo. Suntvero . . .
& anguliad A& D zquales; erunt & igi- k prpigzn
tur & reliqui ad C& F zquiles. Quare .. - !
triangula A BC, D EF funtzquiangula
Siergo duotriangula;&c.Quod opqrs.,

- tuitdemeonflrare. . . .-

' R R O S
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Propof.8.Theor.8.

In yeltangnlo triangslo f¢ ab angul

reto ad bafim perpendicularss due

tur, quesdperpendicularem fun |
triwgulc,é' toti & inter f
Sfimilia funt. o

A Y7 Sto tran
N l EIum rc&angg:.
lam A B CreGun
‘.. . D ChabensBAC,r
" . caturd;ab A ad B Cperpendicularis AD.
DicotriangulaAB D, A D C. &t
A B C,&inter {eeflc fimilia. Cum epis’
angulus B A C zqualis icangulo A D B;
rectusenim eft vierque : Zangulus ad B
communis virig; triangulo A B C,ABD;

s coliigitar acrit& reliquus ACBreliquoBA Dz

. qualist zquiangula ergo funt trianguh

bprep.g.6s ABC, ABD. b Eftergo vt B C rectun

trianguli A B.C fubtendens , ad BAre
Gum triangali A B D fubtendentem;in
ipfa A Bangulom Ctrianguki A BCfib-
tendens, ad B D fubtendentem angulum
BADtrianguli ABD. Etita AC2dAD
{ubtendentem angulum. B communem
vtriufg; trianguli. Triangula ergo ABB(lI).
-] S A
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A B D zquiangula funt, habentque late-
ra circazquales angulos proportionalia; -
e {imiliacrgofunttriangula ABC, ABD. cdefir. s,
Eodem modo oftendemus triangulum
ADC triangulo ABC fimile effe.Virum-
queergo tri‘an{gulum ABD,ADCoti
A B Cfimileeft. Dicoquod&interfefi-
miliafint AB D, A D Ctriangtla. Cum
enimanguliBDA, A D Cre&ifint,e-
runt & zquales:oftenfus et aaté & BAD :
ipfi Czqualis: ergo & reliquus ad B,re- fx“f'f' rr
Qi'qu‘oD A Czqualiserit. Triangulaergo ’ Jaute.
A B D,A D Czquiangulafunt. ¢ Efter- eprop.¢.6.
go, vtBD {ubtendens angulum BAD
;rianguli ABD, ad D A fubtendentem
angulum Ctrianguli ADC 2qualem an-
guloB A D; itaipla A D fubtendens tri-
anguli ABD,angulum B,ad D C{ubten-
dentemanguluym D A CtrianguliAD C
xqualem angulo B;&ita BA ad A Cfub.
tendentem reGum A D C.Triangulaer-
go ABD,ADCfimiliafunt. Siergoin
triangulo re@angulo,8c.Quod oportuit
demontftrare. _

Corollarium.

_Exhis manifeftumeft, fiintriangulo
reGanguloab angulo re@o ad bafim per-

Qs pen-
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pendicularis ducatur , ipfam inter bafis
partes mediam proportionalem efie. -Ec

* . anter bafim, & partem bafis,medium pro- -
portionalceflclatus, quod ad partem. Vt
snter BC, A B medinproportionalss est pars
BD.Inter BG,AC,pars DC.

-~ .+ Propof.o.ProblLr.

Adata reftalincaimperatam par-
. ' C temanferre.
’ A Porteara datareSta AB

7imperatum partem . au-
ferre. Sit auferenda pars ter-
tia. DucaturabAre@a AC
cum A B quemcumque an-
- € gulum continens; & accipia-
tur in A C quodcumque pun&um D,
asrep 3.1, 4 pananturg; ipfiADzquales DE,EG;
bprepgais: ducatur CB, & eiqueper D paralleladu-
catur D F. Cum ergo lateri B Cerianguli
cprop.s.6. A BCparallclafitduGa D Fieeritve CD
ad D A;itaBPad FA. Eftauteqn D Ci-
pfius D A dupla; dupla ergoeft &BFi-
plios FA.triplacrgocft B AipGusA F. A
data crgorecta ABimperata pars,nimi—
¢’ rumtertia A Fablataeft. Quod
- . epautuitfageres
. L

Pro.-
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Propof,10.Probl.2.

Datam reiiam lineam infeGam,
dutereilefectefimiliter
Sfecareo,

Porteat datam infe-
10 ¢am AB fimiliter fe~
care,vefeGtaclt AC.Sit AC
' Gl B\ inpundtis D, Efc&a. Col-
locentur AB,A Cveangu-
| lum quemcumque conti-
B K C neant, &ducatur CB; at-
, queperD, E agantur ipfi B € paralielz
i DF,EG; &perDipfi AB ducatur pa-
 rallela D HK;& erit verumque FH, HB
parallelogrammum. & Sunt ergo tam aprep.34.te
DH,FG;quam HK GB zquales.&cum ™
iph K Crrianguli D K C du&a fitparalle-
1aHE ; § eritvi CEad ED; itaKHad bpres.s. s,
H D.cEftautem tam KHipfi BG;quam cprop.3an
HD ipfi G Faqualis; eft ergovt CEad
ED;itaBGadGF. Rurfusdcumlaterj dprop.r
E G trianguli AG E du&a fit paralicla
FD, eritvi EDadDA; itaGFadF A;
oftenfum eftautem effe,vt CEad ED,ita
BGad GF.ceftergovet CEad ED;ita BG
adGF, vtverdo EDad DA;itaGFad
' - Q4  FA:

[}
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FA: dataergore®ainfeGa A B imilicer
fe@aeft, vifc&a A C. Quod oportuit fa~
cere. }

Propof.11.Probl3,

Duabusreitis datistertiam proportio-
maleminuenire.

Int datzB A’;A Cj &
ponitur vtangulum
[\II quemcumq; cotineant,
p-\G  eportetergo ipfis BA,
A C tertiam proportio-
naleminuenire.Produ
cantur A B,ACad D,E
sprop.3.1. D . punQa;&aponaturipfi
beropsr-1. A Cequalis B D;&ipfi BCbducatur pa-
rallelaD E per D. CumitaquelateriD E
trianguli A D E du@a fit parallela BG;
cprop.2.6, €critve A Bad D B;ita A Cad CE; 2qua-
liseftautem B Dipfi AC;eftergove AB
ad AC; ita ACad CE. Datisergodua-
bus A B, ACinugenta eft tettia proportio-
nalis C E.Quod oportuit facere,

Propofir2. Probl.4. |
Tribus datasreciss liness quartam pro-

portionaleminuenire.

- 7777 Opor-
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Porteat tribus datis re&is A, B, C,
quartam proportionalem inuenire.

A - Exponantur duz reGz |
‘r_-B_' 1z D E,DFcontinentesan-
< . gulum quemcung; EDF:

& aponaturipli Azqua 27 o
liseeG&a DG ;ipfi B, re-
&a GE: & ipfi Crefla
D H;batqueipfi G Ha- P23
TZ\ . gatur parallcla EF per E.:
G—\H Cum ergo lateri EF tri-
anguli D EF du&afit pa-
E F nllclaGH,ceritvt DG cprop.a.s.
ad GE;itaDHad HF,
Eftautem D Gzqualisipfi A; G EipfiB;
D Hipfi C;eft ergo vt A ad B; ita Cad
HF. Tribusergodatis A,B,Cinuentaeft
quarta proportionalis HF. Quod opor-

tuit facere.
Propofitiors.Probl.s.
Duabusreitis datis mediam propbrtio.
naleminuenirer.
S Itduab’datisA B,
‘JBCmediapropor-
gonalis iqu?ietgh.
& onanturin dire
I; B C defcribaturqué fup?::' -
A Cfemicirculus A D C; & ducatura B 7% 14

Qs pun-
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. pun&o,BD,ipfi A Cadangulosie@os,
bprop 303 lunéis AD,D C.J Et quiaangulus ADC
reus cft; quippe in
femicirculo, eflq; in
triangul;) re%anguk;
ex anguloreto Da
A 15 ¢ baﬁmgA C perpendi-
ccoroler.  Cularis du&a D[B. ¢ erit B D inter partes
o d.6. bafis AB,B C,media proportionalis.Dua-
bus ergo, &c. Quod oportuit facere. .

Pro.poﬁtio 4. Theor. s.

AEqualium , & vmum vni angulo 4-
qualem habentium parallelogrammo-
yum,reciproca funt latera, guacirca o-
guales angulos. Etparallelogramma,
guz vnumvns angulum equalem ha-
bent ;¢ quornm recsprocamtur la-
‘teracirca aquales angulos,
. equaliafunt.

Int parallclogramms A B,BC zqualia,
habentiaangulosad B zquales, pofitg-

# Colligitay QUC fint D B,B EindireGtum , @ erunter-
ex13.2¢. g0 & FB, B GindircGtum.Dioo paralle -
i5re logrammorum A B, B Clatera, qua circa
: ®qua:



‘LIBEBERVA 263

G C .G

gquales'angulos,eﬂé reciproca. Hoceft,
eflfevtDBadBE; ita GBadBF. Perfi-
ciatir enim parallclogi‘ammum FE. Et
uiaA B, BC parallclogramma zqualia
unt,aliudautem quoddam eft,FE:berit bprep.7.5.
vt ABadFE ;itaB Cadidem FE,¢ fed vy €274+
ABadFE;itacft DBad BE; & vtBC
ad F E;itaeR G Bad BF. dErgoeft ve DB 472477
ad B E;itaG Bad BF. Parallclogramma-
rumergo A B,B Ce laterafuntreciproca. edefs.1,
JSReciprocentur iam latera, quz circa 2 £ 4ef 2.0
qualesangulos; fitquevt DBad BE;ita
+ GBad BF. Dico parallelogramma A B,
B Czqualia cffe. Cum enim fit ve D Bad
BE;itaGBad BF. gEtvtDB ad BE; gerop.1.4i
inABadFE;atque ve GBad BF; ita
BCadFE:eritvt ABadFE ;itaBCad
idem F E; b zqualia ergo funt parallelo. bprep.2.5;
- gramma A B.BC. £qualium ergo,

- &vnum vni,&c.Quod opor-
tuit demonﬁljate. ) ’
- %(0) g0
Pf()!

o
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- Propofitio 1 §.Theor. 1o,

AEqualinm triangulorsm . & vnim
angulumuni equalem habentium, re-
ciprocafunt latera, que circa equales
angulos. Et triangula, qace unums an-
gulum vniequalem babens,rquormm
latera que cires qdale: angulos,
reciprocamtur.funt
_#qualia.

S It triangula ABC,A D Ezqualia, ha-
. beantque vaum angulum BAC, vni
DAE =z-
qualé. Di-
co latera ,
ugcircag-
gusles fuﬁt
angulos, re
: > ciproca ef-
fe. Hocelt,efle,vtCAad AD;itaEA
~ ad AB. Ponantur enim CA, A Din di-
aCeligiter eQum; 4 erunt ergo&EA, A Bindire-
;;;:" &um.& ducatur B D. Cum igitur trian-
7" gulaABC, A D Ezqualiafint, fitqueali-
bprop. 7.5 U AB D'; b erit ve CAB ad BA Diita
¢pgp-16, ADEadidemBAD:¢efed vt CABad
BAD;
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BAD;itaefCAad AD. Et vt EAD

adBAD; itacfEAad AB: d Ergo vt d'n’.u.;.

-CA ad ADjitaeft EA ad AB. Trian-.

.gulorum ergo AB C, ADE latera, quz
circazquales a_ngulos, reciprocantur. Sed
‘reciproca fint 1am latera triangulorum
"ABC, ADE. .Etfitvt CA ad AD;
its EAad AB, Dico triangula A B G,
A DE effe zqualia. Iun&a rurfus B D,

eritvtCAadAD ;itaE A ad AB:efed eprop. 0.6,

vt CA adAD;ita eft triangulum ABC

ad triangulum BAD; vt verd E A ad

-A B ita triangulum EA D ad trianga-

dJum BAD. Vtergo ABC ad BAD;

ita ¢t EAD ad idem BA D: vtrumque

irio ABC,EADadBAD candem
a

et proportionem : f zquale ergocft fprop9.ne

_ triangulum ABC, trian?ulo EAD:
Aqualium ergo triangulorum,&c.
Quod oportuit demon-
"~ firare.

-



264 . LIBERYVL
Propofitio 16. Theor.1t.

- 155 quaswor rece lince proportionils

Sucrins,evit guod extremis continetm
rectangulam, equale illi guod medik
continetnr reclangulo, Etfi reciangs-
Sumextremis contentum, aquale fue-

7it medi contento rectangulo;
qustuor illalineapropor-
tionaleserant.

S Intquatuorre@ze A B, CD, E, Fpro-
AJdpartionales, vt ABadCDjitaEad B

—F " ... Dico re@ti-
2. H_ sulimAB,

_ e a & Foontens=-
= : ; * tumyzquale
i I] . € D efleconten-
.. A B toCD,& E.
aprp.1t. gDucanturd pun&is A, C ad re@as A B,
CD ad angulos re@os A G, CHj; fitque
ipfi Fzqualis A G : &ipfi E.ipaCH, c&-
pleanturque parallclogramma BG, DH.
Etquiaeft,vt ABad CD;itaEad F.&
eft Eipi CH; & Fipfi A G zqualis, erit
ppripags VtA Bad CDyitaCHad AG:bpaalle-
logrammorum ergo BG, D Hlatera,queg
: circa
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c'xrxgquales angulos funt,reciprocantur:
¢ qudrum autem parallelogrammorume gprap.14.6
quiangulorum latera reciprocantur, illa
zqualiafunt: parallelogrammaergoBG,  *
D Hzqualiafunt. Eteft BG,quod AB,
& F continetur, (et enim AG ipfi F 2-
qualis) DH, quod € D& E continetur
(eft enim CHipfi E zqualis. ) Quod-er-
. go AB,&F continetur,zquale cft ei,quod
-C D & E contineturre€angulo. Sit iam
quod A B,& F continetur,zquale ¢i quod
C D & E continetur. Dico quatuor re-
Qasefle proportionales. Vt AB adC D;
ita Ead F. ijfdem conftru&is, cum quod
A B,F continctur,zqualeficei quod CD,
E continetur, fitque BGid quod AB; &
Fcontinetur (eft enim A G ipfi F zqua-
lis ) DH vero,quod CD, & E contine-
tur (cftenim & CHipfi E zqualis ) erit
B Gipfi D Hzquale: &funtzquiangula,
4 Aqualium autem & zquiangulorum pa-
rallelogrammorum latera, que citca 2 dprap,14.6.
qualesangulos, recigroc_a funt:Eritergo ’
vtAB ad CD;itaEadF. Siergoqua-
tuorree linez,&c. Quod 0+
portuit demon-
e firare.
o5(:0:)o0 ;
' " Pro-
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wprop 16,6

Propofitio 17.Theor.12.
Sitresrecle linea proportionales fue-
vint serit quod exsremis contineturre
ctangulum, equale guadraso quod fit
media. Et fi quod extremss continetur

rectangulum equale fuerit quadraso
guod dmediafit, exunt tres
~ kineaidaproportio- .
nales.

Inttresre&z A, B, C proportionales,

vtAadB;itaBad C. Dicoquod A,C
A continetur -

" quale effc i
iy 4 D I——Li-' (c]x B. Ponatu%
—<I7 p zqualis ipfi
B X0, B. Etcumfit
| vtAadB;itaB

X7 . |cad C; fitvero ipfi Bzqualis
' Dseritvt Aad B;itaDad C.

# Cum autem quatuor rectg
proportionales funt, eft quod extremis

- cootineturretangulum, zquale ei quod

mediis continetur re@angulo. Quoder-
go A& Ccontinctur, zquale eft et quod
B, D continetur; at quod B, D conttae-
tur zquale eft ci quod ex B; cft cnim D

ipi |

|
»
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ipfiBzqualis; Ergoquad A, Ccontine-
tur,zquale eft ei quod ex Bquadrato. Sit
_iam quod A,C catinetunyzquale i, quod

ex B. Dicoefle,st Aad B3 itaBad C. iif-
demenim conftryétis,cum quod A, Cc§-
tinetur 2quale fit ei quod ex B;& quod ex
B.zquale ciquod B, D continetur, quod
B,D zquales fint ; erit quod A, Cconti-
{Ae:ur,'zquale ci quod B, D continetur,

quando autem quod cxtremis contine- byrp1€.4

tur,zquale eftei quod continetur mediis,
funt quatuor illz linez proportionales.
Eftigiturve A ad B;itaD ad C: zqualis
autemeft D ipfi B: ergovt A ad B;ita eft
BadC.Si er[%o tres linca, 8¢, Quod opor-~
tnitdemouftrare. «

Propofitio 18. Probl. 6.

Super data recia linea dase rellilineo
[imile imiliter g, pofitum reitili-
neum deferibere.

OPorteat fuper data A Bdato re@ili-

neo C E fimile fimiliterque pofitum
re&ilineum defcribere. Ducatur DF, & ]
aconflitnantur adpun&a A,BreQe AB aprpag.r.
anguli GAB,ABG aiguales angéxlis G

F

-



C D F; eritque reliquus C F.Dreliquo

A GB. zgualis : triangula igitur FCD,

. G A Bfuntzquiangula. b Eftergo,vt FD
bpor-46 4GB;itaFC ad GA; & CDadAB.
cprep.sg.1. € Cohﬂituanu}r rurfusad pun@®a B,Gre-
‘ ‘@z BG anguli BG H,G BHqualesan-
gulisD FE, F D E; eritquercliquus E re-
ﬁquo H zqualis: triangula ergo FDE,
dprop.g.6. GBH zquiangala funt ;d eftigitor ve FD
adGB;itaFE,GH;&ED adHB. Q-
ftenfum autemeft,effeve FDadG B ita
eproprs. FCadG A,& CDad A B;eigitur vt FC
edAG;itaeﬂCDad AB; & FEad GH;

itemque E D ad HB. E:cum angulus

CF D zqualis fitangulo AG B: & DFE

ipfi BGH: erit totus CFE toti- A GH

aqualis, Eadem de caufa erit angulus

CD E zqualisanguloABH. Eft vero &
-angulusCangulo A ; EtangulusE anga-

, o Hzqualis: zquiangulaergo funt A Hs
.. CL,haBentque larera circa qualesangu-
fde/.4.5. -los proportionalie.f Eftigitur A H recti-
' = lincum

X
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lineum fimile imiliterque poficum rei-
"_lineo CE. Super dataergo re&alinea, &e,
' Quod oportuit facere, .

Propofitio19. Theor.. t3.
Similia triangula intet J¢ funt indy-
plapreportione fuorum ls.
= terum. '
S Int A BC,D E Friarigula finilia ; ha-
bentiaangulos B, Ezquales; itque v¢
ita DEad |
: EF,vtlae
: tera BC,
» mologa.
¢ DicotriangulumABC
. ad triangulum DEF
duplam habere porportionem eius.quam ,
“habet BCad EF.4 Sumatur enimipfarum 227974}
B C,EF tertiaproportionalisBG; vtfit -
-quomodo BCad E F;ita EF ad BG;du-
“caturque G A. Cuam igitur fitve ABad

B CsitaDEad E F;beritpermutando vt bayl 10, g5
* ABadDF;itaBC adEF. fed vt BCad

EF;itacREFad BG:crgovt ABadDE;
itack EF ad BG: Triangulotum erg:



a7e LIBER VI
- AB G, DEF lateracirca zquales ingu-
los reciprocantur. Quotum autemtiun-
. ori \-
A Ha
‘ lum voia-
: qualé ha-
, £ F bentii lo-
tera circa
A zquales angulos reci-
procatét;r sillazqualis
< sropap.6. funt:etriangulaergo D EF,ABG zqus-
A e, Exvuia &t ¢ BC ad E F; ita E F
2d BG; quando aiitem treslinez propor-
ddef, 10. 5. tionales funt, d 'prinpaad tertiam duplam
roportionem haberedicitur eius, quam
‘habet ad fecundam BCergohabet dd BG
duplam proportionem eius, quam habet
aprop.1. 6. gd EF. VeveroB Cad BG;emaefttrian-
gulum A B Cad triangulom ABG : habet
ergo triangulum A B Cad triangulum
A B G duplam proportionem eius, quam
~ habetBCad g . Eft autem triangulum
A B G zquale triangulo D EF :habet er-
gotriangulum ABCadtriangulom DEF
duplam proportionem ¢ius ; quam habet
BCad EF. Similiaergo trianguls,
- &c. Quodoportajtde-

mounlftsare. :
| Corel-
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Corollarsum.

Ex hismanifeftum cfl, i treslinez pro-
portionales fuerint; efle, ve primam ad
tertiam, ita triapgulum fuper prima de-
feriptum ad triangulum fuper fecundafi-
mile fimiliterque defcriptum. Oftenfum
et enim, vteft CB ad BG; itaefle trian-

gulum A BC ad triangulum ABG, hoc

eft,ad triangulum D EF. Quod oportuit
demonttrare. o

Propofitio 20. Theor, 14.
Similia polygona in fimilia triangnla
duiduntur ; & wamero aqualia,Grho-
mologa tosis; & polygonum ad polygo-

num duplam habet propartionem
eiue,quam babet lasus homo-
logums ad latws home-

o logum.

Slnt fimilia polygons A B CD E,

FGHKL, & fitlatus ABhomolo-
gumipfi FG. Dico polygona ABCDE,
F GHKL in fimilia tnanguladiuidi, & .
pumero zqualia,& homologa rotis;&po-
lygonis ABCDE ad polygonii FGHKL,

R 3 du-
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duplicatam habere proportionem dus,
quamhabet ABad F G, Iunganturenim

A

D =4 .
BE,EC,GL,LH;&quiapolygonum
ABCDE fimile eft polygono FGHKL ;
eritangulus B A EzqualisanguloG FL;
&elt,vt BAadAE;itaGFadFL. Cum
itaqueduo finttriangula AB E,F GL,v-
num angulum vai zqualem, & circaz-
qualesangulos latera proportionalia ha--
aprap.€. 6. bentia,»e erunt ipfazquiangula,ideoq; &
fimilia: zqualis cft ergoangulus ABE an-
guloFGL;eft verd & totus ABC,toti
FGH zqualis, propter fimilitudinem po-
bet.;, lygonorum ; breliquusergo EBC, reli-
quo L G H zqualis erit. Et quia propter
fimilitudinem triangulorum ABE,FGL,
eft,vtEBadBA;ita LGad GF. Sed&
€prop-avs. propter {imilitudinem polygonorum,eft-
vtABadBC;itaF Gad GH;rex zqua-
~ liergoeftyrtEBad BC;itaLG ad GH 3 la-
. [ tera
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tera erge: circa zquales angulos EBC,

L GH, fagt proportionalia; zquiangula .

detgo funt triapgulaEB C,L GH; qua- dprop.6. 6,

re & fimilia. Eadem de caufa fimilia fune -

triangula E C D,L HK: Similiaergo po-
lygonaABCDE, FGHKL in fimilia
triangula,& zqualia numero divifa funt.

Dico & homologacfletotis, hac eft, pro~

ortionalia, & antecedentia quidé ABE,

E B C,ECD ; Confequentia vers ipfo-

rum FGL,L GH,L HKatque polygo-

; num ABCD Ead polygonum FGHKL

. duplam habere proportionem eius,quam -

habet latus homologum A B adlatus ho-

. malogum F G.Iunganturenim AC, FH.

Et quia propeerfimilitudiné polygono-
rum,funtanguliABC,FGHequales; eft- -

que vt A Bad B C;ita FGad GHse zqui- 9. 6. 6
angulaergofunttriangua ABCFGH:
zquales igitur funt tam anguli BA C,

- GFH,quam BCA, G HF, Etquiaanguli
B A M, GFN zquales funt, oftenfique
funt & ABM,FGN zquales jerunt &
reliquiAMB,FNG ¢qualesi{unt ergo tri- .
angula ABM,FGN zquiangula.Similiter
oftendemus & triangulaBMC,GNH cfle
zquiangpla. Et ergovi AM ad M B ;1ta:
FNad NG.Etvt BMad M C;itaGNad

”

.



 J
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fprp.10.5. NH; exfaquali crgocft v AMadM C;
grropte ¥ jtaFNadNH:gledve AMad MC 3 ita

bpropaz.s,

. iprep.1.6.

kprapa g,

-

1propaayg.

efttriangulum ABM ad triangulii MBC;
& AMEad EMC; funtenimad fe inui.
cem vt bafes ; & b vt voum antecedenti-
um,ad voum confequentium ; ita omnia
antecendentiaad omnia c6lequentia. Ve
ergotriangulum AMBad BM C; ita eri-
angulum ABEad CBE:éfed vt AMB ad
BMC;itaeft AMad MC; Vtergo AMad
MCiitatriangulum ABEad EBC,Eadem
decaufa,eft viF Nad N H; itatrianguli
FGLadGLH:Eteftvt AMad MC;ita
FNadNH; Vi cr§o trianguluth ABE
ad BEC;itatriangulum FGL ad GHE;
k& permutido,vtABE ad FGL;ita EBC
ad GLH. Similizer demftrabimus ductis
BD,GK.Effe vt triangulaBECad LGH;
itaECDad LHK: & quiacft, vt ABE
adFGL;ita EBCad LGH; &ECD
ad LHK: /erit vt youm antecedentium

ad
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ad voum confequentium;itaomnia ante-
cedentiaad omnia confequentia:eft ergo \
vt ABEadFGL;iaABCDEad FG .
HKI.:fed /A BEad F GLduplam pro- lprepss.€;
portionem habet cius, quam A B latus ‘
homologumad F G latus homologum.
s Similisenim triangulain dupla ppor- mpre.reié
tione funtlaterum homologorum: ha-
bet ergo & ABCDE polygonumad F

"G HKL polygonum duplam proportio-
nem eius,quam habet A B :ld FG,Similia
ergo polygons, 8&c. Quod oportuitde-
m%nﬁrach. Eodem (mlodo ig fimilibus
quadrilateris oftendetur in dupla illacfle
proportione laterum homologorum,
a Oftenfum cft autem & in triangulis. 2 prepas.o |

Corollarium I.

- A Vniuersé ergo fimiles re&ili-
F  nez figurz adfe ionicem funt
z{

in dupla proportione laterum
IT homologorum; & fi ipfarum
A B,F G tertiam proporttiona-
lem fumamus X; 6 habebit A B b defoie.s.
ad X duplam proportionem eius, quam
habet adFG.Habet autem &polygonum
. ad polygonum, & quadrilaterymad qua-
R s drila-
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drilatetum duplam -proportionew etus,

quam habet homologum latus ad homo-
esorprop. logum,hoceft:ABad FG.c Oftenfumd
3.4 auntem bocin triangulis.

Coroﬂarit;m 9 A

Vniuersé ergo manifeflum eft; i eres

Corel. prop. fuerint re&e, cfle vt prima eftad terviam,

9.6 itafiguram d prima deferiptam , ad figu-

ramafeciida fimiliter defcripam, Quod
oportuitdemontirare,

Oftendemus etiamaliter,& expeditius
triangala effe homolega. Expopantur
rurlus polygona ABCDE, FGHKEL,
ducanturque BE, EC,GL,LH. Dico
effe vt triangulum A BE ad triangulum
FGL;itaEBCad LGH;&CDE adHKL.
; _ Cumenimtriangula A BE,F G Liimili-
8prop-3.¥. liafint,e habebit AB Ead F G L duplam
proportionem ¢ivs,quam habet latus B%

» ‘
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ad GL. Eadem decaufahabebit triangu-
lum B E C ad GL H duplam proportia-
nem eius,quam habet BEad G L.Efter-
govt ABEadFGL;ia EBCad GLH.
Rurfus etim triangula EB C, LGH fimi-
lia fint; habebit EBCad L GHduplam
proportionem eius, quam habet C Ere~
&aadHELE. Eademdecaufa habettrian-
gulem E CDad L HK duplam propor~
tionem eius,quam habet C Ead HL., Eft
ergavt BECad LGH;itaCEDad LHK
Oftenfum auté eft, efle,yt EBCad LGH;
itaABEadFG Liergove ABEad FGL;
itae# BECad GLH;&E CDad LHK,
b veergo vnum antecedentiumdd voum bprep.r2.,
confgquentium; itaomniaantecedentia ‘
ad omoia confequentia ; &reliqua vtin
prioridemonftratione. Quad oportuit
demonftrare, '

Propofa1.Theor.rs.
Quacidem reFilineo funt fimilis, &
& inter (e funt fimilia.
S It vtramque re&ilineoram A,Bipfi C
fimile.Dico &Aipfi B imile effe. Cum
enim A ipfi Cfit fimile, erit & zquiangu-
lumilli, habebitque latera'circa zquales
angulos proportionatia. Rurfus cum B
: fimile
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fimile Ge ipdi

38
C,zquungu-
A f @ 1§ il eri -
ZL
L

bebitque ci-

cagqualesan-

gelos  lawena
proportionafia: Verumqueergoipforum
A,Bzquiangulum eftipfi C, & habet cir-
cagqualesanguloslatera proportionalia;
erunt ergo & A, B ¢quianguls,habebuat-
que circazquales angulos,latera propot-
tionalia:fimilia ergo [unt.Quod oportuit
demonftrare,

Propof.22.Theor.16.

Si quatnor rella lincaproportiomales
Juerint; evunt & reclilineaab ipfis fi-
milis fimiliterq, defcripta proportio.
nalia:Et fireclilinea fimilia fimiliterq

abipfisdeferipta proportionalis fue-

rint;erunt & ipfapropor-
‘  tionales,

Slnt quatuorreGzAB,CD, EF,GH
Jproportionales.Ve A Bad CD;ita EF
aprpad.s 3d GH, adefcribanturg; fuper AB,CD
fimilia, Gimiliterd; pofitareilinea KAB,
LED.fuper EF, GH (imilia fimilicerque
pofiu
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pofita M-F,
NH. Dico
é%cﬂ'c.\rtKAB
ad LCD;ifa

MFadNH. ‘

bfumature- bpropan.s.

; 72 \ nim ipfra :

AB,CDter

3 lis X; ipfa-

oo F tia Jppomona s X;ipfa
- \az rum vetoEF,GH tertia
3 ‘ portionalis O. Etcum

tytABadCDjitaEF
adGH&VtCDadX itaGHad 06"@' cprop. JLI
ritexzquali; vt ABadX; ita GHad @:
‘dfed vt ABad X,ita eﬁ*KA BadL CD;3 dpreps.¢
vt EFad Q;itaeMF ad NH:ergo vtABK ¢ cor. prop.
adCDL, itaclt MFad N H.  Sed fitve 24-6-
KABadLCD;itaMFad NH. Dico

' eﬂ'c,vrABadCD ita FEad G H. Fias fprep.1s.6.

Sfenimvt ABadCD,ita EFad PR, g de- gpropsdis
fcribatard; faper P R re&ilineum S R fi-

mile fimilicerdue pofitum ipfis MF;NH,

Cum er oﬁt, vtABadCD; itaEFad

PR, deig criptaue fint fuper A B,C Dre-
RilineaKA BqL CD ﬁmxha fimiliterque
pofita;fuper EF, PR, verd fimilia fimili-

terque pofitaMF, SR ; eritve KAB adl
LCD;itaMFadSR: pom{urautemA\;

K

-
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.KAB:dI.CD; itaM Fad N H. Hab,
ergoMFadNH,&'2d SR. eandempro
hgrap.y.s. parsionem;h zqualiaergo funt NHS,
{fedfunt fimilia fimiliterque pofita;zqe’
JesergofuntG H,PR.Etquia eft,vt A}
adCD,itaEFadPR ;& funt PR, GF
&qualesieritvi ABad CD:ita EF ad GH/
Siergo quatugryre@tz, 8ce Quod opa:
~ witdemonfirare,. ’

. Lemmao., .
Quodw |

— ¥ T " tem quid
L ’ - re@ilinea
: S TR OG H xqualia f

.+ milia fuerint, ipforum latera honrol
»* gqualiafint, ficoftendemus. Sint N H,
SR zqualia, & firilia; firque vt HGad
GN;ita RP2d PS.DicoR P,GH zquales
- effe.Sinon:erit vna maior, Sitmaior R P,
cliergo fitvtR PadPS;ita HGad GN;
acrit permutando, vt R Pad G H;ita P$
- 8prop 2 od G Nimaioreftautem PR quam GH:
- major ergo etiameerit PS qui G N, Qua-
.re& RS maius erit,quam H N: fed cftilli
¢quale;quod fieri non poteft:Nonefter-
.’i:go PR majorquam G11. Quad opottuit ‘
" demonftrares 00
“ _ Pro-

a-
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Propof.23.Theor.17.
< Aequiangula parallelogrammainter
- Jeproportionem babent ex lateri-
bus compofitam. 7
"1 HSIM zquiangula
parallelogramma
- -} AC,CFzqualesan-
~— & gulosBCD,ECG
, Eabentia. Dicoilla
‘1 proportioné, habe-
X : re, ex proportione

' latetl'um compofitd
; r~-l exilla nimirum qua
o KLHE TR et BCad CGie
quam habet D Cad CE.- PonaturBCi- :
pliCGindircQum;a eritergo& D Ci- aprpiiga
pliCEindireGum, & compleatur paral- '
lelogrammum D G.Exponatut quzdam
reQaK, b fiatd; vi B Cad CG;ita Kad L; bprepaae
& vt DCad CE;ital ad M. Proportio-
nescrgoKadL, & LadM, ezdem funt *
quzlaterum, BCadCG & D CadCE.
¢ Sed proportio K ad M componitur ex c4ef 5.6,
proportioneKad L, & L ad M; habet et-
go & K ad M proportionem ex laterum
proportione compofitam. Etcumfitve
BCUdCG;digAC parall;logrammun} dprop, 1.6}
ax
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adCH: &vtBCad C G;itaXad L;
oprep. 11,5 ¢ erit vt KadL, ita A Cad CH. Rurfus
fpropae. fcumfirve DCad

H ¢ E;ita parallclogi
mum CHad CF;&
€ vtD Cad CE;ital
adM, geritve Lad
M,itaCHad CF.
Cumigitur oftéfum
fit,vtKadL;itaefle
\.b ACadCH;ve verd
A LadM;ita CH ad
hprop.ae CE; berit ex zquali,vt Kad M,ita A C,ad
CE. AtKadM proportioné habet com-
pofitara exlateribus: ergo& A Cad CF,
propottionem habet compofitam ex la-
teribus : zquiangula ergo parallelogram-
mum,&c.Quod oportuitdemonftrare.

Propof.24.Theor.18.
Omnis parallelogrammiqua ciyca dis-
metvum [unt parallelogrima,fimsilis
[ant tots, ¢ inter [e.
It parallclogrammum ABCD),diame-
Strus A C,circaquam (int parallelogri-

maEG,HK. Dicovtrumq; E G;HK to-
tiA BCD, &inter fe fimiliaeffe Cam e

nimadfatus BC trianguli A BCduBafit

Plﬂl-_ .

9”’""1"‘

Q.f



pataliclaEF; ¢ erit vt B EadEA;itaCF 4 prgp.. 6.

ad FA.Rurfus cum ad latus C D triangu-

i ACD du&afitpdrallela F Goeritvi CF

: . . adFAs;itaDG .
A_E Bad GA. Sed v¢

CFadFA;ita . -

_ oftéfa et BEad

EA: b ergovt -

' ‘D 3 ‘ q " BEadEAjita

. . . eftDGadGA:
¢ componendo efgo vt BA ad AE;ita ¢ prop.rt.s
DAadAG: &perdmutando, vtBA dprepac.s
ad AD; ira A Ead AG: parall¢logram-
smorum ergo ABCD, EG latera circa
communem angulum B A D funtpro-
ortionalia. Cum§ueGF,D Cparalle-
1z fine, e eruntanguli A G F,A D Ciitem éprop.ag.ts
‘GFA,D C Azquales; commuais D A C:
triangulaergo A D C,A GFzquiangula
funt.Eadem de caufa erunt & ABC,AFE *
&quisngula: tota ergo parallelogramma '
A B CD,EGfunt zquiangula;f eftigitur
vt ADad DCiita AGad GF;&vt DCad
CAsita G Fad FA.Vt vero ACad CB;ita

f prop.s. '

. AFadFE;&vtCBadBA;ita FE ad EA.

Etquiademonftratum eff, effeve D Cad
CA;ita GFad FA.Vtverd ACad CB;ita

- AF ad FE;eritex 2quali ve DCad CB;ita

 -GFMFE ?at&ﬂdogrammorum ergo

ABCD;

) v
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A B C D,EG latera circa gquales svpulos
funt proportionalia;Gmilia ergo funt Ea-
dem decaufaerit parallelogrammumkR
totiABC D fimile: vtrumq; ergoEG,
KHtoti A BC D fimile efl.g Quz autem
g 88 cidem funt fimilia, &inter fe funt fimilia:
eftergo EGipfi KH fimile. Omnisergo
paralﬁlogrammj, &c. Quodoportuitde-

moaftrare. ‘

. Propof.z 5.Probl.z. |

Daterectilineo fimile,Cr alteri date

aquale conflitucre.

Itdatore&i-
| lincoA B C
A 13. fimile conflitu-
: endum, zquale
~verd ipfi D. #
. - & Applicetur ad
444 B [of ‘lat” B C trisn-
et s " guloABCz-
1 = quale paralle-

_ M IOgrimﬁ BE:
ad CE vero ¢qualeipfiD,ni

' ' mirﬁrCMin angulo FCE,
Barorrgn zqualiangulo CBL; 4indi-
‘;::;,’:; izf \ rc@fiergo erit BCipi CF;

&LEiphEM, ¢ Accipiator
G H jpfarumB C,CF media pro-
. ‘ ., por-
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portionalis GH; & fuper)ipfaipi ABC
re&ilineo 4 fimile defcribatar, &fimiliter dprep. 10,4
pofitum KGH. CumergofitvtB Cad
G H,itaG Had CF(quido enim fuerint . .
trese rete proportionales,eftve primaad § : e
tertiam’; ita figura fuper prima defcripta ™
ad figuram fuper fecunda fimilem, fimi-
literg; defcriptam)Eftergo veBCad CF;
ita triangulum AL Cad triangulia KGH.
fSedvtBCad CF,itaclt BEadE F.vter-

gog triangulii A B Cadriangula KGH; ‘
ttacft B E parallelogrammum ad E F pa- ‘;:;'" 5
rallelogrammum : & b permutando, vt Bprep. 1.9
ABCuadBE;ita et KGH ad EF. £quale

autem efttriangulum ABC parallelogri-

mo BE:ergo & triangulum KGH zquala

, cftparallclogrammo E F. Sed E F aquale

eftipfi D:ergo & KGHipfi D eft zquale.
Eftverd &K G Hipfi A BCfimile. Da-

toergo raitilineo,&c. Quodoportuit fa~

cere. .

Propof.26.Theor.19.

Si & parallelogrammo parallelogram-
_mwm auferatwr, fimile toti fimiliter g,
- pofitumscommmsem ipfihabens an-
gulum,circacandem diame-
srameittots, .
¢ T Sa Apa-
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parallel -
» AmoAnglt)‘::x-
fersturparallelogra-
‘mum A F fimilecoti
c pofium, communé
B angulumDAB cum
ipfohabens.Dico AB CDcircaeandem
. diametrum eflcipfi AF.Si non.Sit ipfora
diametrus AH C. & ducatur per H veri-
queAD, BCparallela HX, Cumergo
sprp.2£.¢ AB C D circacandem diametrum ficipfi
KG;aerit ABC Dipfi KG fimile.Eft er-
govtDAad AB;itaG Aad AK: eftauté
proptet fimilitudinem iplorum ABC D,
EG,vtDAad ABjitaG Aad AEiergove
bpropar. . b G Asd AE,itaG Aad AK;habet erge,
cpryos. GAadviramgs AK,AE ¢ candem pro-
portionem, zqualisergocft A EipfiA K,
minor maiori,quod fierinequit.Non er-
0 AB CD,circaeandem dismetrum eft
ipfi A H. Circaeandem ergo diametrum
eftipfi A F.;Si ergod paraliclogrimo,&c.
Quod oportuit de monftrare.

‘ Propof.27.Theor.z20.
Omummparallelogrammorum adeen-
demreciam lineam spplicatorum, &
deficientinmfigure paraficlogramme




‘LIBBR VL ' 13
frmilibus,Crfimiliter pofitis i que ads
widiadeferibituy , maximam et quod
' ad dimidiam e5? applicatuns; fimile
© exiflensdefeciui,

E&aAB«bife- aprop.re.r.
ceturinC, &
applicetur ad A B
re@am * parallclo- * yusle-
rammuin A D de: “*®%
Ecicns figura.paral-
lclogramma D B, fi-
miks, & imiliter po-
- fitaei,quz 3 dimidia.
ipfius AB defcripta eft. Dico amoinmy’
parallclogrammorum ad A B applicato-
-sum , & deficientium figuris parallelo- ..
grammis fimilibus,, fimilizerd; pofitisipfi
D B,maximum effc A D. b Appliceture-
mim ad re@am AB parallclogrammum bpmpuges
A F,dcficiens parallclogrammo FB fimi-
Ii fimiliterque pofitoipfi D B. DicoAD
maius efle ipfo AF.Cum enim D B fimile
fitipA FB, ¢ eruntcircacandem diame- cprop,24.6
tram. Ducaturillorum diametrus D B, '
& defcribatur E‘Sura.d Cum ergaipfi CF dprop.#3.1
gquale fit F E, ficomune apponatar F B,
¢ erit torum CH toti K E 2quale: SedipQ ¢ 4%
CHzqualeeR CG cum AC,CBzqualas
; S$3 fint;
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fint;ergo & GCipfi EK zquale eft.Com-

munc C Fappoaatur; &erittotam A
- gnomoni LM N zquale.Quare DB,hoc

eft AD,quam AF maius et Omnium er-

go parallelogrammorii,&c. Quod opor-

tuit demonftrare, :
N y_ Aliter. Sit A Brurfus
HE S — in Cbile@a,& applicata
AL,dcficiens figura LB.

W 4 Appliccturad AB paral-

lalogrammum AE defi-

- ciens figura E B,fimili

B fimiliter pofita ipfi L
D < d dimidia A B defricptar.
Dicoparallelogrimum A L ad dimidiam
epplicatii maiusefleipfo A E. Cum enim
aprep.10.6 EBipfi LB fimilefit# cruntcircacandem
: diametrii,qug fit EB,perficiaturg; figara.
- Quiaergo LFipfi LH ¢qualeeft,quod &

. FGipiGHfitzqualis; FL,quam EX
bprop.gs.e maius erit:bgqualeeftautem LFipfi DL:
maiusergocft DL quam EX, commune
addatur KDjtotum ergoAL totoA E ma-

ius eft. Quod oportuitdemontftrare.

, Propof.28.Probl.3,
Addatamretilineamdato reétilineo
aqualeparallelogrammum applicare

deficiensfigura parallelogramma, que

‘ e S S
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firfi milic alteridasa. OportetansZda-
tumrelfilinesm, cHi i equaleapplican-
dumest, maius noneffeco, quodad di-
widiam applicasur , fimilibus exiftéti.
Imdefeé‘hbw,é'eoquodadxmtdu,é'

.1 so,cuivportet fimile deficere. . ...
YR & 0 F Clre@adiAB;
[ : JreQilineurh ‘da-
‘tum,cuioporteate-
quale apphéare, it
Cshon majus exiftés
_€o quod addimidia

applicatdi eftfimili-
lx us exiftéiibusde- -

fe@ib™ Cutau-
tem oportct fi-
mile deficere,
fitD. Oportet
ergo adAB re@ilineo Czqua-
le- patal!clogramum apphcarc P
defici€s figura parallelogrima =
Gmnln iD.aBifécetur AR in E &b deferi , op 1003
- batur fu pEBipfi D fimile, frmiliterq poﬁ bpn,.x:.‘
“tii EBFG compleaturq; AG paralle clogrd
‘mi: quo&tpﬁ Caut gquale eft,aut mai® ob .
determinationé.Sigquale,faiteft giube .
- batur;applicatii enim eftad ABre&ilinco
C zqude pataliclogramma AG deficicos
| - §4  bgun
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figura paraliclogramma GBfimiliipfi D,
Sig:e:b HE maitus ef ¢ u;m Cierit& _Gcl{_f
maius,cum GBipfi HE fit gquale. Excel-
s g auté,quo G Bpexccdit C,?' fiat zquale
KLMNfimilefimiliterd; pofiti ipfi D.

Et cum D fimilefitipfi G%, erit & KMi-
fi GB fimile.ficlinea KLiph GE;& LM
3p{i GFhomologa; avcrgoGB gquale eft
- ipfis ‘C.&KM-,critG%;quiK_M maius;erit
: ergo& G Elincamaior quiKL; & GF,
Prop3I .quam LM.{ Fiatipfi KL gqualis GX;ipfi
LMipfaGO,compleaturd; parallelogri-
mum XGOP, quod erit 2quale; & fimile
eprop.ar. 0 'ipﬁK,M.ﬁ:d KMipfi GB fimile eft; eerit
$propas. 6 ero0 &GP ip(i GB fimite:ffuntergo GP,

GBisca candem diametr@, que fit GPB.
&defcribatur figura.Cum jtaq;GB gqua-
lefitiplisC,KM,& G Pl;ipﬁKM;erit veli-
rop.#3.1 quus ¥ ¢ ¥ gnomonipfi C equalis,gcum-
et queOR wgﬁ XS ﬁtzqg;le?ﬁ cogmune
hexs.  PBaddatur;erit & totum O Btoti XBz-
3 """",_qualc, (ed XBipfi T Ecft 4 xquale,quod
AE,EBfintequales:efRergo& T Eipli

OB zquale,fi commune X § addatur,erit

totli TSgnomoni Y&T aquale. Sed gno-

. _mon i‘eﬁ%oﬁeafus eftzqualis: £ eftergo
. k. “Ts ipli Cequale.Ad datam ergo ABdato
,re@ilineo C zquale paraliclogrimumT$
. applicatum ctdeficicns figura PB ﬁxpillii

. A . B

p
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ipfi D,cain PBipfi G Pfimile fit. Quod
oportuitfacere. - S

“: Propafitio 29.Probl. 9:
. .Ad datamrectim datoreilineo aqua-
le parallelogrammum applicare, exce-
" densfiguraparallelogramma,fi-
miliafteri date.
It Db A TAteGaAB;&reilincum
C, cui operteatad A B zqualeapplica-

S\ @

ﬁ
m R

T 1 % |28 \ )
re,cul autem fimile effe debeat excedens aprep. 16.%
fitD. a Bifecetur ABin'E,# defcribaturg; bpropad.s.
(yperEBparallglo mmum fimile, imi-

lltcr?}; goﬁtu(t:n ip rn'D; Acqualeverdveri=

. queBF, &C& fimile ipfi D cfiat G H, eprap,1.116
~ quod ipfi F B fimile erit. Sit dutem latus preparh
Sy KH .




-
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K Hhomologumlateri FL; KGR FE.
Etcum G Hmaius fitqui F B, erit&KH

maior,quam F L ;& KG quam FE ; pro-

ducanturF L,FE,vtipisKH,KG -
quales fiant,in M& N, compleatixque
MN, quod ipfi G Hzquale & fimile eft :

| LM N

N ] -
fed ipli GH fimile eft EL;delt crgo&
MNipfi E L fimile; ¢ funtergo circa ean-
dem diametrum, quz ducatur, & fit F X,
faz,r. compleaturque figura. Quia ergo GH
' tam ipfisEL,& C,quam ipfi MN zquale
eft; ferit& MN ipfis EL & C zquale. C5-
opad.y, FRUDE EL tollatur;&cerit gnomon ¥ T @
E”:""ﬂ" ipfi C zqualis. Cumg; E A ipfi EBfitz-
7" qualis, g erit & AN ipfi N B zquale. hoc
eftbipli L O,communcaddatur EX,erit-
' , que



.
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quetotum A X,toti gnomoni YT & ¢qua-
| le:fedgnomonipfi Czqualiseft: eriter-
i go& A Xipfi Czquale.Ad datd ergo AB,
: gato redilineo C zquale parallclo%ram-
i mum A Xapplicatum eft, excedens iguraiprop.ag.@.
| parallelogrima PO imiliipfiD,écum &E
Lipfi OP fimile fit. Quod oportuit faccre,
Propofitio 30.Probl. 10.
Datam reclam lineam terminati ex-
trema acmediarationefecare.
Porteat datd terminatam A B extre-
\_/ maacmedia ratigne fecare.s Defcri- 2270467
atur fuper ABqua-, .
P dratum '1)3 C,b agpli- borepas.s
' ceturq; ad A C paral-
A . £ B lelog:lammum CD,
0 ¢quale quadrato BC,
~excedens figuraAD
| ' fimili B C quadrato,
« F E quz quadra;um erit.
itquia BCipiCD2-
A-m quale oft, fi c?ommune
CEauferaur ; eritre-
liquum B Freliquo A Dzquale, funt ve-
ro & zquiangula; e latera ergo ipforum cprop.zs.8
BF, A Dreciproca funt circazqualesan-
gxlos:cﬁergov: FEadED;itaAEad

B:&eftFE ipfiAC, hoc efh,ipi AB
’ &qua-
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3qualis: & ED ipfiAE ;quarecknt BA

P adAE,ntaAE adEB :d maior eftautens
ey 45 D ABquam AE:maior
o ergo & A E quan

cft igitur re®a
A E_B ABexttemgzl ac media
rauone feGainE; &
. maior portioeRk AE.

Qvod oportuit face-

30

(o F

‘__ﬁ Jlmr Oporteat re-
A @am A B extrema ac
', media ratione fecare:.
'MP" -3 efecetur ABinC vt quodAB,B Ccon-
tinctur,zquale tei iquodex AC quadra-
t0. Cum ergo quod A B,B C continetur
zquale fit el uod ex A C fit quadrato;
fpropaz. ‘fentvtAB 35,0,, ita ACdd CB. Eft
ergo A Bextrensa ac mediaratione fe&a,

'Quod oportuit facere,

Prapefitio3r.Theor.21.

Intriangolis reé't’mgulu figura qua fit
-~ algterevelinm ﬁc&tepdmte:qulad)
< figurisguafians i laseribwe veitumci-
, tmmnbw, fimilibus; fi rmlmrz.
A de/;‘npm.
Sic
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S I, triangulum re@angulum A B Cre-
&um habens angulum BAC. Dico,
id quodfitexB Caqualecflcillis, quzfi- - -

e

. untexBA,-

bus (imili-

-terque de-
feeiptis. Da
catur per-

. B D

G pendicula-

risAD,qc-
© runtg; tri-

-angula ABD;A D Ci perpendiculari £a-
&a,& toti A B C,&inter fe fimilia. Cum-
qucABC,ABD fimiliafint; eritve CB
adB A,itaA Bad BD, bquandeatité tresbwrl. 2,

funtproportionales, eft veprima ad terti- propan 6s -
am;ita qu 3 prima defcribiturfigurasd
figuram fimilem 3 fecunda defcriptam. Ve
ergoCBad BD;itaclt
guramex B A, fimilem
ptam. Eadem decaufajeritve BCadC D

ﬁ‘guraex CBadfi-
imiliterq; defcri-

aprep b 4,

tafiguracx B Cad hgurahex CA:Ergo -
thB Cad B D_’ DC; ita E rutaex BC d‘v
{cripta,ad figurasex B A,AC defcriptas -
miles,fimiliserq; pofitas: Zqualis cft auté
BCipflisBD, D C;ergo& figiiracxBC

squalis erit figuris ex B A, A Cfimilibus,

fimie«
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fimiliterq; defcriptis. Inre@angulis er
triangulg » 8¢, ié)\uod o ortuig:dcmoi‘-’
cpropae.¢.flease. Aliter. ¢ Cum fimiles figarz in de-
plaproportione fint homologorum late-
rum , habebit figuraex B Cad figuramex
BAduplam
proportio-
- nem eius,
qua habet
ar - latus BCad
3 B A. Hs
D ) C bet verd &
. quod exBC
: quadratii,
‘ ad quadratum exBA duplam proportio-
dpropisis.nem eius quamhabet BCad BAL Ve er-
' goeﬁﬁfun exB Cad figuramexBA 5 its
. eft quadratum ex B Cad quadratii ex AB.
Eademde cavfaeft, vfiguraex B Cad i
gursm ex CA ; ita.quadratum ex B Cad
-quadratum ex C A. Eft ergo ve figuraex
_ ‘BCadfigurasexB A,A C;itaquadratum
@7)#7:1 ex BCadquadrataexB A,AC. Sedequs-
~ dratum ex BC eft zquale quadratis exBA,
AC:Eft ergo&figaraex B C 2qualisfi~
- gurisexBA, A C/fimilibus fimiliter~
quedefcriptis. Quod oportuit
. demontirare,

A Propo-
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‘Propofitio 32. Theor, 22.
Siduo triangnle duo lareras duobus le-
teribas proportionaliahabentia, adv-
num angulum componantur, itavt la- . .
- serahomologa fint parallela, reli-
qualateraindirelium erunt . .
: - conflisata. '
' Slnt triangula ABC, D CE habentia
duolatera BA,A C,daobus DC, DE
iy : ©oa 4 - proportio
A L I ‘tfaliarf Vr
- ABadAC;
. itaDCad
, "\ DE,intqs -
"B C  Etam AB,
.- DC,quam
'AC,DE parallela,Dico CEipfiBCindi~
reGum cfle.Cumenimin A B,D Cparal- o
lelas re@a A Cincidat, 4 eruntangulial- 27799204
terni BAC,ACD zquales.Eadeni de cau-
fa& CDE,A C D zqualeserunt: vnde &
‘BAC,C D E 2quales funt, Citigiturduo
-triangulaABC,DCE vnum angulum qui
‘eftad A, vni qui eft ad D zqualem habe-
‘ant, & circa zquales angulos latera pro-
-portionalia,vtbBA ad AC,ita CDad DE, bprep.6. 4
-gquiangula criianguljigitur ABC,DCE
. oL ’ gqug.‘
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gquales funt,Oftenfi sutem funt& ACD,
B A C zquales. totus erge A CE duobus
ABC,BACeftaqualis: communis ACB
addatur,& ecrunt ACE, ACB xquales his,
cprop3a. BAC,ACB,CBA: ¢fed hitres duobusres
&isfuntzquales:ergo & ACE,ACB duo-
bus reQiszqualescrant, Ad punQum er-
goCre@z ACduzre&zBC,CEnonad
eafdem partes politz, angulos deinceps
. A CE, ACB duobysre@is zquales faci-
dprpresis yinesind dire@um ergo ¢t BC, ipfi CE.
Si ergo duotriangula,&c. Quod opertuit
demonltrare, . :
'Propofitio 33.Theor.2 3.
s aqualibus circulis anguli eandé pro.
portionem habent , quam peripheria,
quibsssinfifiunt ,fiue ad censre, fluc ad
- peripherias confiitwti infiftant.
Qain & feclores quippead
. ecentra conflituts,
IN squalibus circulis ABC,DEFad cé-
tra G, H conftitwifinr anguli BG G
. EHFad peripheriasB A C,E D F. Dicp
efle,vt BC peripherisad EF peripheriams;
2. itaangulumB G Cjad angulam EHF ;&
' BACad EDF; &infuper BGCfe&oréad
- EHE {¢&orem.Ponantur peripheriz B C
S o #quae
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BTG . EF

zquales quotcunque deinceps CK,K1L:
peripheriz EF quotcunque zquales F M,
MN,ducantvrque GK,GL; HM,HN.
Cum ergo peripheriz CB,CK,KL zqua-
lesfint, acrunt & angiili BG C, CGK, yrppurg. ¥
. KGL zquales, quam multiplex ergoeft
peripheria BL peripheriz BC,tam multi~
plexcftangulus B G Languli BG C. Ea-
dem de caufaquam multiplex et periphe-
riaN Eperipheriz EF ;tam multiplex eff
angulus N H E anguli EHF.Siigitur pe-
ripi‘zriae BL,EN =zquales funt, crunt&
angwiBGL, EHN ¢quales: Et fi peri-
pheriaBL quam E N maioreft,erit&an-
gulus B G L maior angulo EHN et fi mi-
nor, minor. Cum igitur quatuor fint mas
gnitudines,duz petipheriz BC, EF, & '
suoangt}ﬁ BGC, EHF;acceptzg; fint
" peripheriz BC & anguli B GC2que mul-
tiplices peripheria B L, & amf’,ulus BGL. ’
: Peripheriz vero EF & angull EH F peri«
pheria E N & angulus EHN), demoné
- T - fira.
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ftratumque fic fi peripheria BL maior fit
peripheriaEN, & angulum B G L angu-
loEHN maiorem effe ; & fi zqualis e-
qualem; fi minor,minorem : b Eft'ergo vt
B C peripheria ad peripheriam EF;itaan-
gulus BG C ad angulitm EHF. Sed vt
BGCad EHF;ritacft BAC angulus
ad ED F angulum, vterque enim vtriuf-
quedupluseit: crgove BCad EF ;itaeft
BGCadEHF;&BACadEDF.Inz.
qualibusergo circulis, 8c. Quod opor-
tuit demonftrare.

X F ¥¥C
Dico przterea,vt eft BC peripheriaad EF
ﬁriphcriam ;itaefle GBC feCtorem ad

F EfeGorem. Ducantur BC,CK} ac-

- cipianturq; peripheriarum BC, CK pun-

dprop. 4.1,

&a1X,0,&ducantur BX,XC,CO,OK.
Cum ergoduz BG,G C,duabusCG,GK
aquales fint, angulofque zquales conti-
neant ; d erunt & bafes B C, CKzquales:
igitur & triangula B G C |G CKzqualia |
crunt; cumque peripheriz BC, CKfint
.. - ®qua-

-
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zquales, erit & reliqua B A C peripheria

reliquz CAK zqualis; e er%o & angulus ¢prop.22.2,
B X C,angulo COK zqualiserit, f por- fdefin. 3.
tionesergo BX C,COK fimiles funt, & ’
fantfuper zqualibus re&isB C.CKigcir- gprop.a¢4
culorum autem portiones fuper zquali-
busre&is conflitutz, zquales funt: por-
tiones igitur BX C, COK zquales funt.
Sunt vero & triangula BGC,GCK 2-
qualia ; totus ergo feGtor BGCtotiGKC
eft zqualis. Eadem de caufa, cruntfe&o-
resGKL,GKC gquales:"tres iFitur fe-
&oresB G C,CGK,G LK zqualesfunt.
eadem de caufa,erunt& tres HEF,HFM,
HM N zquales. quam multiplexergo eft
peripheria BL peripherie CB, tam mul-
tiplex eft feGtor G b L fe&oris G BC. Ea-

~ dem de caufa quam multiplex eft periphe-
ria EN peripheriz E F,tam multiplex eft
feGorHENfeGorisHEF. Siecrgope-
ripheria BL maior eft peripheria E N,
erit& fc&or B GL maior feore EHN;;
Et i zqualis, 2qualis ; & fi minor, mi-
nor. Cum igitur quatuor fint magnitu-
dines, duz peripheriz 8 C, EF, & duo
feGores GB C, EHF; acceptzque
fint peripheriz BC, & fe&oris GBC,

~e&que multiplices BL peripheria, 8 GB L.

~fe&or. Peripheriz verd EF, & feGoris

A T 2 HEF,
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* ‘HEF,peripheria EN,& feGor HEN ; de<

B9t 1.5

1l

monftratamg; ficfi B L maior fit quaEN;
& fe&orem B G L maiorem eflc feGtore
EHN;& fizqualis,2qualem ;i minor mi-
norem. g eritve peripheriaBCad EF pe-

_ ripheriamsita GBC feGor ad HEF fe&o-

gem. Manifefta ergo eft, cfle, vt e@ (c&or
ad fe&orem, itaangulumad angulum,

Ex liéro'g. Euclidss.

Propofitio s.
Silatera bexagoni ¢ decagoni ecidem
girculoinfcripta cipomantsr , erst tosa
© copofita proportionaliser feéda.

Intincirculo DCB,lateraBC decago-

J ni; AChexagoniindire&ii pofira. Di-
A cototi ABin Cpropor-
tionaliter ¢ffe fc&3 , ma-

¢ ioremg; portionem cffe

" AC. Sumpto enim cen-
} Btro E. iungantur re@z
' EB,EGC, EA, pducatur-

" que EBinD. Quiaigi- 1

) turBClatuseftdecagoni !
mquilateri,erit peripheria BEDquintupla -
peripherie CB; igitur C D quadruplaerie
S S siuf-
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eiufdem CB:Vt 4 verd peripheriaCD ad 2 5r0p.55.¢
peripheriam CBsitacftangulus CE Dad
angulum CE B:Quadrupluseftergoan-
gulus CED anguli BEC. Et quiabangu- bprep. 5.1.
lus EBC zqualiseft angulo BCE, erit .
cangulus DEC duplusanguli ECB,cum- cprop.ge:5.

. que EC re&z C A fir zqualis (vtraque

enim eft zqualis lateri hexagoni circulo
BCDinfcripti)derit & angulus CEA an- dprep.s.1.
gulo E A Czqualis: e duplus ergoeftan- eprop 3210
gulus BCEanguli CAE: fed anguliBCE
duplusoftenfus eftangulus CE D: qua-
droplusigitur eft angulus CE D anguli
CAE.oftenfus eftautem & angulus CED

uadruplus anguli C E B: zquales ergo

untanguliC AE, BE C, Triangulorum
-autem ABE, ECB angulus EBC eft com-
munis; f eritergo & reliquus AEB.reli- £prop 1.1,
quo ECB zqualis.Quaretriangula ABE,
CBE funtzquiangula: g eftergo vt AB gprap. .00
ad EB: itaEB ad CB. EftveroBEipfi
ACzqualisiigitureftvtABad AC;ita AC
ad CB: Maiorautemeft AB, quam AC:
bigitur & AC quam CB.Quocirca ABin hara.7¢ 5

Cfe&acft proportionaliter, & portia

-maior eft AC.Qnod demon-
ftrare oportuit.

5885
: \ T3

Pro-
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, Propofitio 10.
Si cirealo pentagonum equilaterum
snfcribatur,latus pentagoni poterit, &
latus hexagoni,&rlatus decagoni,ci-
dem cirewloinfcyiptorum.

- ¥ A Stocircul®
H % . *~ABCDE,
cui pem:'ilgm
nem gquilate-

)E rumABCDE
inferibat. Di-
co latus péta-
goni poffe &
hexsgoni, &

a - 'decagoni lat®
eidem circulo inferiptorii.Acceptoenim

- centro F ducaturAFG,FB,& exFad AB

_ perpendicularis Fl,qug producaturin H,

v tungantorque A H,H B, rurfus§; ab Fad
. AHagatur perpendicularis FL, quz in K
producatur,iungiturg; HM. Et quia pe-

.ripheria ABCG =zqualis eft peripheriz

aprep.af. 3 AEDG,aquarii A 5 Czqualiseft AED:
cltigitur & reliqua CG, reliquzD G-
qualis.Eft autem CD pentagoni;C G et~
bdef; 15, . 5O Decagoni crit.E_t quia AF,FBbzqua- ,
cpropg.p. lesfunt,& perpendicularisFlLe eritangu-
dprop.26.3 lus AF Hangulo HF B zqualis,d ideod;
‘; &

Io
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& peripheria A H peripheriz HB. quare
peripheria A B dupla erit periphcriz HB:
igitur A Hlatus eft decagoni. Eadem ra-
- tione AH peripheriaiplius AK duplaeft.
. Quiaergo periphetia A B peripheriz HB
duplaeft; peripheriajverd CD periphe-
riz AB zqualis;crit & CD peripheriadu-
plaperipherizH B.Eltvero & CD peri- ¢
pheriadupla peripheriz C G: peripherix
. ergo CG,BHzquales funt: fed BH ipfius
' HKduplaeft, quod & A H. Igitur & CG
‘- jpfiusHK eft dupla. Eft autem peripheria
' CBperipheriz ABzqualis:iergo totaBG . |
peripheria,peripheriz BK duplaeft:e vn- ¢ prop.s7.5
de &angulus G F B, anguli B F K duplus
erit.Eft f vero &angul® GFB duplusan- fprep.se.30
uli FAB,& g funt FAB,ABF zquales:eft grrors-1-
%igitur & B F Mangulus,angulo FABz- hax.7.1.
qualis. Triangulorumautem AFB, BFM
communis eftangulus ABF; eritigitur &
reliquus AFBreliquoBMF gqualis. Qua-
re triangula ABF,BFM funt ¢quiangula. <
oclt vi AB adBF;itaFBad BM:iprep.4, o,
angul iergo re&isAB,BM conten- kprop.17-6
tumaquale cft quadraroipfiusFB.Rurfus ! 77%-3-3+
‘t quonia AL,LH zquales funt;cdmunis,
& adangulos refosLM; m crunt} bafes 4 pro.47.1
HM,MA ¢quales.nVnde &anguli LHM, o prop. 4. 1.
-LAMaquales srunt:fcd e angulus LAM, oprop.s7.3
. angu.-

zEr
kre&
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angulo HB M eft zqualis : eruntigitur &
LHM,HBMazq u;‘cs,& «itduorumtri-
angulorum BAH, HA Mangulus BAM
communis: eritigitur & reliquus AHB
teliquo HMA zqualis. Triangulaigitue

AHB,HAM funt zquisngula. p Quare -
P24 o}, v BA ad AHita AHad AM\R e&an-

zqualceftquadratorc@z A H .Offen-
fum cft autem &ra&angulum reGtarum

£propa.s, A B, BMzquale effequadratore@z BF;

3
<

crgo reGangulum linearum AB, BM,
cum re&angulo linearum AB,AM(7que
funtgqualia quadrato toti® AB)eft zqua-~
le quadratisipfarum BF,AH;& e/t AB 2~
tus pentagoni ; F B hexagoni; A Hdeca-
gonz:igicur latus pentagoni poteft & latus
kexagoani,& latus decagoni eidem circulo
infcriprorum,quod eratdemontitrandum

. ERRATA. )
Pag14.9.13.GF.L.DFp,20.%.0.EG,GP,LED,DF.

gulum crgo gre&is AB, AM contentum, -

P33 prop.ar.exiin. 4 fatCoarexC fiat A.p.489.3

LACDBp 8 mfig.ponsturimter K. Llit. Mp.63
#m fig inter D, Eponatur L.p.66.9,50.LDO. P71
onfig.mter DerFypome M p101.% 9 1.CEF pil13.%
#ilcadatdrfitp 1 £2.5.0.0,G.4.p.184.5.3.bQuares
P1929.8L.Cp.208.9.7.4.MPp.264.infig. 4BC

" proCpomeGp.a o1 ES192.nfig. decit litera'¥sed

quid guomon fit lelBor facile iteNigersdeet quog,
brera O inter M S X pontndn. p 30 .00 fig,deeB
© knea By ) ) .



