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CANDIDO LE-
CTORTIL

a8 Mathefeos alas offt ,reftes
feripfie Plato, Geometriam &
Arithmeticam. hac pofieriord
chim Vreungiie infirutlaiams
) udiofaiunetus Videreewr, fis~
pereras,; vt eadem & prioveinfiruerctur. I-
tag,ckm debiabenda alignaGeometricorum
elementorum Epitome cogstatsonem fuféepif>
Jems nshilg, melins ipfo fummo Geomety a Eu-

clide in mentem veniffet; capif ﬁlmmé‘me-
eum ipfe, &5 cum alijs quog, cimunscato co=
Silio deliberare,quemna ponﬂ’mum exrantd
SHLEYPYEtum turma,qnan n% 7, adeo in Vniner-
[um Fationem Euclidis pablicands deltgerc. )
Mens Unafuit omninm, sunentutemnimias
bibri mole ni offé graudmlam Recidendaerge
neceffarso fucrunt primsim ftholia & com-
mentationes alzeme,qmbm pleﬂgy dums inges
740 fwo indwigent mAximé, minimé nobis Ew=
Az clidem
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4 4D LECTOREM.

clidem ipfum repr afentarunt. Tim deindes
guonid ix aligua apparchas tam religiofas
snterpresatio.qune no ab Antore, fifua lingua
doquentt andias, licentius [ubinderecederet
optimum falts Videbatur fiinLatini férmo-
nem deintegro concrteretur. Ad cam egopro-
winciapoftquam aggreffiu fuisliud antiquif~
fima cure babui, vt guamlsbet fimplics di-
Clione,genuind demonfirationem fententiam
ex Grecoprorfus exprimere,fedproinfiituta
Breuitate Verbis fic appenfss , <Vt longioré ali-
cubi cirénmduttiont panllo breusors gyro col
ligévem, Pofbersores tamen libriquinti pro-
pofitiones, quoniam in Enclide defsder antnr,
Jrandinterit eardiloco Papps Alexandriniex
Commentariis Federici Commandini fwbfti-
twiffe. Quinad difficiliores etsii definitiones
breaiculas notas ed confilio appofui, nein ipfo
Patim limine aut herere Lector, aut aliunde
[ubfidinm petere cogeretnr. Denig, nonam ¢
decimapropofitiont libri decimiteresjideirco
adices, Ut fiquis Triangulorii Canonem , hoe
e5t, Tabulas Sinunm Tangensidi & Secantifly
aut codere,aut conditas aTypographorum no
infrequentsbus mendis Vindicare cuperet,id
Usbells huins anxiliopoffee. Vale Lector, & his
daborsbus noftris ad Dei glorii vtere. Ingolft,

29, Degemb. Anno Chrifti M. D C, XV L.
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ELEMENTO-:

RVMEVCLIDIS
LIBRI SEX PRIO-
RES EX GREZCO

fonte tranflati.

. EVCLIDIS ELEMENTV‘M
) PriMmv M.

Definitiones,

PunGum eft, cuius parsnulla.
% Yinea, longntudo latuudmucxpm
3 Linez terminifuatpun@a. —
4 4 Relualineaclt, quz ex v-
Pt quali fusis i mtenjcuurpun-
&is.

5 Superﬁccscﬂ,quzlon&nu-
S:7.}" dinem & latitudincm - tan-
tum haber,

6 Superﬁcncl termini {unt lince.

7 Planafuperficiescft, quz cx zqualilin-
ter fuas lincas iacet.

A 8P



6 LIBER L
8 Planusangfiluseft,duas

8 rum linedrum in plano fe

mutuatangentivm,&non

indireGum jacentium alterigs ad al;eram
inclinatio.

In direltam sacere dmmtnr dve lmmg,
gmmdo ex dlis it vmalinea.
9 Silingz angulum continentes, rc&a
fuerm:.rc&x lineus angulns dicitur. -
A Sirealinea fuperre-

&am confiftens, cos, qui
1le deincepsfuntangules,z-
C, D quales fecerit, reétus eft

vterque zqualiumangu-
lorum. Et infiftens reQa,
pcrpcnd!cularis dicitur eius,¢uiinfiftit.

Linea AB confiftens fuper C D dscitarper-

pendsenlaris. Anguli ABC, ABD dicwniur
recti, dicuntur quog, anguli deinceps.

11 Obtufus angulus cﬂ.qul.
1 f - maioreftreo. ' '
. 12 Acutus, qui ireGominor

eft.
13 Terminus eft, quod ahcmus eft Fmis. i
14 Flgura eft, que fub ahquo, aut ahqul-
busterminis continetur.
Cirenlns consinesnr ﬁcb wna lineacirens
{ars,
1§ Cm

el e ——



LIBRE L ;
+ 15 Circulus eft figura

ﬁ plana,fubvnalinea cg-
tenta, quz peripheria
B - C dicitur,ad quam om-
v nes linee ab vno pun-

Goeorum, quzintra
figuram funt cadentes,
: zquales funt.

16 Pun&um autemitlud centrum circu-
1i diciur. wimirnm 4. "
17 Diametrus circuli, eft quzdamre&a
linea per centrum aQa, & ad viramgq; par<
tem peripheriz circuli terminats ;qua 8
circulum bifariam{ecat. nempe lincaB €.

- 38 Semicirculus cft figura
adiametro,&interceptacip-

culi peripheria contenyd.
19 1 Segmentum circulicft, quod
£\ arcQalinea, &peripheria circus
li continetur. R
20 Redilinez figurzfunt, que retisli-
ncis continentur. Trilaterz,qua tribus;
quadrilaterz , quz quatuor; mulsilate-
rz,quz pluribus quim quatuor lincisre-
&is continentur, . o
21 Trilaterarum figurarum,»-
quilaterum trianguli eft,quod
trialatera habet zqualia.
A4 2 Ho



L TIBER L

22 Wofceles, éuod duotantjym z.
) qualiahabet latera,

. 23 Scalenum, quod omnia
Mﬂi; ingqualia habet late-
13, '

24 Trilaterarum praterea figu-
rasym reétangulum triangulom
;ﬁ,clqod reum angulum ha-
et. :
25 Obtufangulum, quod abtufum, veeff
Sgurazz, - ’ '
36 Acutangulum, quod tresacutosha.
betangulos, vefunt ;gum 2.0 22,

1 27 Quadrilaterarum figurari,
Z7 | Quadratumeft, qued zquila-
terum & zquiangulum ¢
[: : l a8 Altera partelongior figu-
Z38 |. eft, quz zquiangula quidé,

at non zquilateraeft,

— 29 Rhombus, quz zqui-
\Z9 la‘t:ra,gquiangula verdnon
(4179 .
~ 30 Rhomboides, qu¢ op-
poﬁta,& latera, &angulos
zqualiahabet; atnequez-~

uilatera eft; nequezquiangula.
k " 3t Reli-
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LIBER I ’
’ 31 : "3t Reliquaab his quadrila-
L tera,vocentur trapezia.

3z 3t Panallelz reiz linez
e funt, quzin todem plana

exiftentes, & vering; in infinitum cie&e,
inaeutram partem coinciduat,

Poftulara.

. Pofluletur 3 quouis pun@oad quod=
nisre&am lineam ducere. '
Etre@am lineam terminatam in con-
tinuum, & direGum producere. '
~ Et quouis centro &interuallo circy-
lum defcribere.

Communes fententizfeu
axiomatao.,

1 Quz eidem funt zquaﬁa » & inter fo
funt zqualia,

2 Eq,fizqualibuszqualiasdduntur,ta-
tafuntzqualia, -
3 Et, fiab zqualibus zqualia tollantur,

. reliqua funt zqualia.

4 Eufiingqualibusequaliaaddantur,to-
tafuntinzqualia,

s Et,fiabinzqualibus zqualia auferan-
turyreliquafuntinzqualia.

Ag 6 Ee



50 L'IBER I

6 Et, quz ciufdem funt dup‘la » interfa
funt zqualia.

9 Et,quzciufdem funt dumdla, interfo
funt zqualia.

8. Etquafibii inuicem congruunt, inter
fefuntzqualia.

9 Et,torum eft maius {ua parte.

10 Er,omnesangulire&iinterfe funt z-
quales,

11 Er, fiin duas rectas lincasfe@ai inci-
densangulos mtenorcs,& ad ealdem par-
tes,duobus re€tis minores fecerit,coinci-
dentduzillzlincgininfinitum protradte
verfus illam partem, ‘ad quam funt duo
anguli ducbus re&is minores,

12, Et,.doz reCtz fpacium noncenclu-
duat.

Propofitianes.

‘Propofitior.Problemar.

Super datareclalinea serminata srie

mrmlam aquilaterum conffi-
: tuere .

It datare&aAB, -

tuere

fupcr qua opor-
A g teattriangulum -
quxlatcrum confli-



LIBER L n
eaere. # Centro A;intecualio A Bdeferi- 5 g g0
batur circulus BC D. Rurfus b centro B, b 2ef. ;.
interuallo BA defcribaturcirculus A CE: ’

" &ex€;vbifecirculifecantad A, B pun-

€ta,c ducanturreéiz C A, CB. Quoniam ;pyg,- °
Acentrumeftcirculi BCD, derit AC 2 duefai g,
qualisipli AB. Rurfus, quiaBceatram
. eftcirculiCAE, o crit& B C zqualisipfi © defag.
B A.demonftrataeft autem & C A zqua- :
lisipfi A B:veraque ergo.C A,C Baqualis
eftipfi A B.f qugaut€cidem funt gquulias ¢ 40,0
&inter fe funtjzqualia:igitur € A zqualis '
et CB:tresergo CA,A B,B Gfunt zqua-
les.Quaretriangulum A B Ceftzquilate~
rum,& fuper re&a A B conflitutii. Quod
facere opostuit. - :

s

. Propof.2.Preblemas.
«Addatum pynctum date recielines
aqualemxeitamponere.

' SIut dara,pun-

&um A, re@a

BC, & oporteag

g 3dpictum A re-

&z B Czqualem
ponere. Ducatue.

abAadBrecta A

B, {a-
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13 LIBER I

B,fuper « ea§; conflituatur triangulum
zquilaterum D A B, produ@is in dire-
GumiplisD A,DBinE,&F. ¢ Centro
B, interuallo BC defenibatur circulus
CGH. Rurfus 4 centro D, internallo
D G deferibaturcirculus GKL. Quo«
niam ergo B centrum eftcirculi C G H,
¢ eritip(i B C2qualis BG.Rurfus cum D
ficcentrum circuli GK L, ferit DL 2-
qualisipli DG :¢ c}’uarum parsD Acftz-
qualisparciD B : 4 reliquaergo AL 2-
qualiserit reliquz BG. Oftenfa eft au-
tem & B CzqualisipfiBG: vtraquecrgo
AL,BCzqualiseftipfi BG. ¢ Queau-~
tem cidem funtzqualia,& inter {c funt 2-
qualia:ergo A Lzqualiseftiphi BC. Qua
read punGumdatum A, datz reGz BC

~zqualiseft poﬁta,AL.%od facere opor-

tuic.
Propo( s.Probl.3.
Datss duabus inequalibus recis limes,
- &maiore minori aqualem ab..
[eindere.s.
T Intdatzre@zin-
)zquales A B,&C;
B quarit maior fit A B;
e a qua, minori C -
qualem abfcindere
opor-



EI'BER L 13
oporteat. Sit 4 ad punGumA,re@zCz- 4 pyop.s.4;
qualis pofita; AD. & b centro A,internal- b pof 5.
lo AD,defcribatur circulus DEF.Et quia
Acentrum eft circuli DEF, ¢ erit AE cdeturs:
zqualis ipfi A D fed & Czqualiseft ipfi
DA: vtraqueergo AE, Czqualiseftipfi
AD:zigitur & A E zqualis eritipfi C.Dua-
busergo inzqualib: datisreQis lineis AB,

& C,amaioré A B, minori C zqualiseft
abfcifla; A E. Quod facere oportuit.
Propof 4, Theor.r. .
Si duo'triangula duo latera duobus la-
teribus equalia habuerint, alteram al-
seri; habucerint antem & angulum an-
gwlo, aqualibus laseribus contentum,
«qualems , & bafims bafi equalem habe-
biss:erit g triangulumtriangulo aqude
le, & religus angulireliguis angulis
equales, quibus aqualialaters

[ubtenduntur,

Intduo triangula ABC;DEF, qua
duolatera AB,A C,duobusDE, DR

zqualia habeant, viramque yrique, AB
A ipi DE,&AC i-

D -

.- pliDF,&aogulit

A BAC’, angulo
B ¢ P [ =

F-E D F.Dico quod
&



n_ _ LIBER L
6 bafis BC, bafi E Ffitzqualis, &trian:
gulum A B C,triangulo D E F, & reliqui
angulireliquis, vterquevtrique, quibus
2qualia latera{ubtenduntur.népe ABC
ipiDEF; & ACBipfi DFE. Sienim
® fiperps- triangulum ABC triangulo D EF* con-
rassr,  oraat, & A {uper D ponatur , % congruet
esnl.  ABreare&zD E,&BipfiE,quod AB
fitzqualis D E.Congruentcigitur ABi-
pliDE, congruet & AlCipli DF, quod
angulus B A C angulo E D F it zqualist
ideo & Cipfi Fcongruet,quod& A Ce-
qualis fitipfi GF.Sed &Bipfi E congrue=
bat.Quare & bafis B Cbafi EF congruets
Sienim congruente BipiE, & Cip(iF,
bafis BCbafi E Fnoncongruaat,contine-
bax.as, buntduzre®z({pacium; b quod ficrine-
quit.CongructcrgobalisBChafi EF, &
zqualisilli erit; adeoque totum triangu-
lum A B C totitriangulo D E Fc5gruct,,
cexd.  cciq;zqualeerit: congruentergo & reli-
quiangulireliquis,eritque A B Cangulus
angulo,DEF,& ACB1pfi D F E 2qualiss
Si ergoduo trianguladuo latcraduo-
Ens lateribus zqualia habue~
ring,&a

Pro-




EISER & iy
Propof’5.Theor.z.

Wofeelinm triangulorum anguliadba.
fim funs aquales: & producii aquali-
bus rectis ,erumt & anguliinfra -
bafim aquales.

A SIt trianguli ABC,
habenslatus AB,la-
teri A Czquale. Pro-
ducantur in direG@um
¥/ ¢+ \\6 AB,ACireGzinDj&
E.Dicoangula ABC,
g wngulo ACB;&CB D,
ipfi BCE zqualem ef-
fe. Accipiaturin B D quoduis pun@um
F;& aaufcratur d maiori A E,minori A F gt
zqualis A G: b ducantur§: retz FC,GB. }, o
&cum A Fyipfi AG;& A B gqualisfitipli
A C;eruntduz F A,A C,duabus G A,AB,
zquales,alteraalteri,continentque angu- ¢ prop. 4oty
lum communem F A G; eeritigitur bafis
F Cbali G Bequalis & triangnlum AF C
eriangulo AGB, & reliqui anguli reliquis,’
aleer alteri, quibuszqualialstera fubrent
duntar;nempe ACFipi ABG,&AFC
ipiAGB. Etquiatota AFtotiAGz-
qualis ¢ft,quarum A Beft gqualisipfi AC;,
’ ' deris
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16 " LIBER L '

derit& reliquaB F, reliquz C G equaliss
Oftenfaautem eft & F Czqualisiph G B,
Cumergo duz BF, FC duabus CG,GB
zqualesiint alceraalteri:& angulus BFG

angulo C G Bzqualis, & bafisB Ccom- '

munis, € erittriangulum B F C triangulo
CG Bgquale,&reliqui anguli reliquisal-

. ter alteriquibus 2qualia latera fubtédun.

tur :ergo & angulus FB Cangulo GCB,
&BCF ipfi CBG zqualis erits Etquia
totus ABGroti A CFoftenfus et zqua-
lis, & CB@G ipfi B C F; erit ergo & reli-
quus,AlB Creliquo A C B¢quatis:& funt
ad bafim trianguli A BC; oftenfuseft au-
tem F B Cangulus, angulo G CBzqua-
lis, & funt fubbafi. Jfofcclium igiturtri-
angulorumanguliad bafim gquales funt,
& produtis zqualibus lateribus , etiam
anguliinfra ba((lxm.Q:pd demonflrare 0«

. portuits

Propofs. Theor. 3.
Si trianguli duo angali aquales fue-
vintserunt Grlateraequales angulos
fubtendentia,aqualia.

Slt triangulum A B Chabensangulum

ABC,angulo A CB2qualem. dico 8¢
latera

|

\



_ LI B E R LY 1.
' lathB,Aﬁzqﬁaﬁaeffc Signimdunt
inequella;esivalteriy maius,fit maius A B,
4Auferatur %mamrcAB, minéri A Cz- 2rep.5.0,
¢ A '+ qualisDBducdrurg; DC,
e \ -+ Cumergo DB,AC zqua~

e - t:lesfime , comfudis verd.

A ‘BC;-eruntduz D B,RC,t

q duahus AC,EBaqualesy!

alm akcm&qagius D.B C iqualisan-.
gulo AC B:bigitar& bafis DC,, bifi ABbsrop. 4.1,
critaequalis;& crinngulum ABCytrisngu- - .5
lo D B C;minurmmiori, ¢ quadeft abfiir.sf «.5.
dum;n&igicubin equaliseft ABiph AG:.
érgo equalis.Quarcfi triangulidtio angh->
ligquales fuerine s erunt & latera,ziquales:

angulod fubtendentia, zquzh-qtod de- L
monfrare oportaits .: ; e
Propof. 7.Thcor.4‘ LT

Super eademvecta livea, duabeneiti. ¢
lintis, slieduayeSle aquales btevaul
teri, non conflituentur, adalmddtque
alind punt?au » ad eafdem partes,
eofdem g, cum primd duciis ser-
minos habentes.

SI enim fieri poteft conflituatur fuper

eadem re@a linca A B, duabus re&is
B AC,



18 L'IBER L
ot 'p AC,CBjdusalieAD,DB:
zquales, alceraalteri, ada-.
lind arque aliud puo&um .
: C & D, adeafdem partes |
A BCDcofdemterminosha-
bentes A, B, quos primz:ita, viC Aipfi
DA, cundem cumipfatetminam A ha-
bens, CB verd ipfi DB, eundcrmi cumills
terminum B habens, fit equilis, & duca+ -
e tgr CD. .Cum ergo A C fit wqualis ipft -
agrop. 5. A D, a erit&angulus A C Dzqualisan-
-+ gulo A D C:maiorergoeftA D Cangu-.
lus } angulo D CB : multo ergo maior.
CDB. Rurfuscam C B 2qualis fit ipfi -
D B, erit&angulus CDBanguloDCB..
xqualistoftenfus autem eft muktoillo ma-.
bavp. ior. b Quodfierinon pateft. Nonigitur
fuper eadem rea linca duabus re@isli-
neis, aliz duz reGz zquales, altéraalteri
¢ conflituentur ad.aliud-atque alivd puna’.
&um ,ad eafdem partes,ealdem cum
_ primd da@isterminoshaben-
7 ses.Quoddemonflyare
< oportait

Pro- '



1 BER & 19
'Propof.8. Theor. ;.

3i dwo tiiangule duo latéra duobuisli-
seribus agnalie lmbumnt, bébuerint
werd & bafimbafi Gaqhilems, babebunt.
guogse angulim equalibue late-
ribss consensum angnlo
‘ cgtukm.

AA,

F
Slnt duotnaﬂ siila ABC, DEF; quz
habeantduo atera AB, A C, duobus
D E, D Fzqualia,alterarhalieri, nempe
ABipli D E.& ACipfi DF;habeant quo-
quebafes BC, EFzquales, Dicoquod & _ -
angulus B A C;angulo E D F fitzqualis.
Congruerite enim triangulo ABC.truob
ulo%EF,poﬁkoé B fup:r E,&re&aB
? rEF; & congruet & CipfiF, quod daxty
B g E F zquales fi Fr t. Congruenteigitur
ipfa BCipfi EF,congruent&B A, C A,
f s E D,D ¥.Quod fi congtuat quidemn
‘ LaﬁsBC,baﬁEl‘- atB; AClacraEf’sg

1.
» T

A D




20 LIBER L

E D,DF,non congruant,fed alfd cadane,
bprop.7. 0. yefunt EG,GF,b conflituécur fuperecadé
re@aduabusredtis, alizduzreGzzqua-
les, alteraalteri, ad aliud atquealind pun-
&um,ad eafdem partes, cofdem termines
habentes.At non conflituuntur. Non er-
gocongruente bafi B C,bafi EF,nd con-
gruentBA,AClatera igﬁs ED,DF:con-
gruent ergo. quare &angulus 3 A Can~
gulo E D F congruet, cique zqualis erit.
Siergoduotriangula, duelatera duobus
lateribus zqualia Habeant, alterfm alteri,
habuerint verd & bafim{ bafi zqualem,
habebiit quoq; angulum zqualibus late-
ribus contentam,angulo equalem.Quod
oportuit demonftrate, - v

. Propol9.Probl.g. -
Datumangulum redilineum bifa~
riam fecareo.
. eltdatusangu-
b!usr_c&ilincu’s
. " BAC,quemo-
& “pottéat bifwiam
"\ ecare. ‘Akcipid-
\ _ turquodyis pii-
aproppts aex ACipfi AD zqualisaaferatur AP:8¢
o fuper




L_iI BRER L. ' 21 )
fuperdu@lam DE, b conflituatur trian- ¢,,,,y,y.,,
gulit gquilaterum DEF,&iungatur A F..
Dicoangutun BA'Cre&2 AF bifariam
fecari. Cumenim A D, A E zqualesfint,
communis A F;eruntduz D A, A F,dua-
bus E A,A F zquales,alteraalteri,eft verd .
&bafisDF ba&E Fequalis: ¢ ergo&an. cprop it

ulus D A F, angulo E AF zqualis erit.
%atus 'ergo augulus re@ilineus BAC 3
xe@ta A Fbifariamfecatur. Quod facere
oportuit, . . . ‘

Propof.7.Probl.5, o
. Datamrectam finitam bifariam
: o fecare,
C .Sltdatarc&cﬁnita AB,
\ ¢~ Jqui pporteat bifariam
. fecare.Conflituatur fuper

A pillatriangulumequilatera
A - B ,3_' ABC) " g‘ f“aﬁ?aﬂgﬂlu‘ APrIP.9.N
A CBbifariam. re@iCD. Dicore@am
A B,in Dbifariam cflefeGam,Cum enim
ACCB zgualesﬁnt comunis CD:erunt
duzAC,CD,duabusBC,CD gquales,
altera aleeri,& angul’ ACDangulo BCD
zqualis : b igitur & bafis A D zqualis eft 1 prep, 4 1.
b& BD: data ergore@a finita AB in D
feQRa eft bifariam,quod faciendumerat. .

) ‘B3 Pro-
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bprop.11.

13 LIEER L

Propofir1.Probls.

Datereclelinceexpunilo in ills date
lineamrectam s dangulosreitos

ducere.

Q1T data re@a:

AB,dituimia:

illa pun&um C, -

aporteatd; ex Cy:

‘ipfi A B reGam’

lineam ad angulosre@os ducere.Accipia-

turin A G quoduis pun&um D, & « po-

natur ipfi C D zqualis C E, b cotituatur-

§ue fuper E D triangulum zquilaterum

EDE,& ducatur FC.Dicoad pun&um C

B

- datzre@t¢ A B adangulos reGtos efledu-

9{0".‘.‘19

ddef 10,

&am F €.€Cam egim D C,C E fint ¢qua-
fes, R C commanis;eruntdux DC,CF,
duabus E C, C Faquales;slteraaleeri: fed
& bafis D F, zqualiscft bafi E F: erit ¢ er-
go &angulus DCF 2qualisangulo ECF;
& funtdeinceps. d Quandoautem rea
fuper re@®am confiftens, cos quidcinceps
funtangulos, zquales fecerit, reQus eft
veerq; #qualium angulorum:: re@iigitue
funtanguli DCF,FCE.Quaredargre@e,
ex piioinilladato, dutaefl ad angulos
reGtos, re@a F C. quod facere oportiit. *
Pre-
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Propefrs.Probl.y: '

A2 dataminfitam,ipaniiodase
 exsrasllamperpendicularem

rellam ducereo.

SCI Slt data rects infini<

M AB,punitfiexera

' itam C.& bportéaad
. reQam davans A B ex

1.N/ BpundoCiquodinilla
D £ . 'noneft, perpendicu-

larem re@am ducere. Accipiaturad alte-

ras partesreéte AB,quoduis pandti D, &

sicentro CineréatoC DcirculisEFG 4,0,
defcribatar, 8 dinidaturque E GiinHbi- byrep. 101

favism,duBisre&is € G,CH, CE. Dico
quod ad dstam infisitsmA R, 3 pundo
exeraitlam davo -C, perpendicalaris dutta
fit C H.: Cumenim G H; H Efmteiqai-
les,H C tohimdnisicruntduat G H,H O,

S

duabus EFE H. Cliequales ) alkebwatiers . -9
fod 8:bafl Q Gy balh € E,flistublisiorit ¢ 4,
dergo & angaluy OH Gadgulo I C dprep 1.1
aqualis,& funs dtidcips.afuando sutem cdef. 1.

re&a fuper ned.confiftens, dad quildéin-
ccs fune augiilos  zqudlesfeeabin,/ 1éQds
et vierquewqualiuih awgulovunn; Sein b
fens linea ;Ey’gtpbﬁdicul;ris diciour Huly
. 4 - cui
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cuiinfiftin: Quarcad datam ream infi-
pitam, AB.d pun&o extra flam'daro G,
perpendlculans dud’a eft, C H.quod fa-

ccrcoportcba’ -
. S

RN Fi'opofxg *Tbeo;:.c;.
(254”47 l"’“ recla ﬁ’ﬂ’r r:é?m con-

Mmm»gnln facitiunt duos ré-
ﬂw, altduobwre t&lld- A

I - 4 -
»:t?ﬂ l’fﬁ‘:‘f} folia 3t d
®erg ‘L RE&A efiin - nzdam
g © I;f P8 it A&fnpttre&aCB
ICTICEITY 4 ey ts" N B wnﬁ»&maéngulmfacm
o HL CBArﬁBD dlCO'lum

L5 sutduosredios, autdug
bgsn&mzqualcs efle, Sienim CB Ai

adef.ae, ABD,eﬁanahSdtmacrc&l.ﬁiﬂt.sl non}

ducatat & puo&o B ipli C D ad sngules

bérfues geSus,BEibergo CBE,EBD duo redi

= , finpEsquia CBE doobus CBA.ABE,

-1 Squalistfyfiapponaryr¢dmunis EBD,

Vs eeunt Jua CBE, EBRD, tribus CB Ay

ABEERD equalescBirfusciiangulus

DB AsdunbusD B E, EBAzqualis fity

fradduturcamueis ABC;eriztduoDBA,

ABC txibus D B E-E EAABC zcg[:les.

t : CQ~
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Oftenflum eftgurem & duos CBE,EBD,
ijfdem tribus , zquales effe. ¢ Quz autern €4/
cidem funt zqualia, &inter fc funtzqua-.
lia : duoigitur CBE, E B Dzqualesfunt
duobus DBA, ABC:fed CBE, EBD .
re&i funt: nguur DBA, ABCduobus
reis zquales..Si igitur reGa fuper re@3
conﬁﬁcns,angulos facit,autduos reQos,
aut duobus reGis zquales facit. ond Q-
yortuxt demonfirare. - -

. Propofitio 14. Theor. 7.
Siadredam aliquam lieam, dqund
unctum in illa datum , due rede non
ad edfdems partes duide gugulos, qui
deincepsfunt,ducbus rechis aquales
fecerins, in diredtum erunt
TR AR (a‘ll’“, AREEER
 Dre@am AB,&ad pon@um in 1lla
datum B,dug re@zBC,BDnonad
eafdem partes pofitz, faciant angulosde-
incepsA B G, ABD,dubbusreQiszqua-
les BM-B'D ipli CB'in dire@um cffe.-
X %odﬁnbxpﬁacna
* fivin dite@omy it BE.
- Cum igiterréa A Brg-
&2 CB E Inﬁﬂat.‘cl’ﬁt 2p13p-13 %
anguli ABC, ABE
, B 5 dug-
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)
y
r
4
I
3

‘ ax.p
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duobusre&isgquales,Sunit verd'8¢'A B Ci
" A B D duobus re&tis zquales s anguliigiv
tur CB A, ABE funt argulis CB A,
ABD,zquales. Communis A B Caufe-
ratur : b reliquus ergo A-B'E, reliquo
A B D cftxqualis, minor maiori, ¢ quod
ficri nequit. Non ergo BE in direGum
eftipfi B C. Similiter oftendemus nullain
sliam efle, preter B D3 in dirc&am ergo
B D,ipfi CB.Siergo ad reGtam, & ad
pun&umia cs,datum duz re&z non ad
vafdem partes pofitz, angulos qui deine
eeps funt, duobus reQis aquales fecerine,
indireGum erunt illg duz linez.quod de=

monftiare oportuit.

Propafitio 1 5. Theeor, g
Siduereiiefeinnisemfecucrint angn-
Chssdverticem aquales
L faciemp,
- T E&=x AB,CD,fecent

" ANfe in E punflo.. Dica
. ‘gnod tam angulug AEC,
,‘-,anguloDEB,qu(ﬁ‘n CEB
’angulo A ED zqhalis fic.
7 Cum enim reGta AlE reGte

S5

 CDinfiftat, faciésangulosC EA,AED:

. @ Mcrunt
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sctunt ipfi duobus re&is zquales.Rurfus
¢om re@a D E reQz A Binfiftar, faciens o propays,
angulos AE D,D EB,berunt &ipfiduo- bprepypere
bus re@is zquales. Oftenfi aurem funt &
CEA, AED duocbus reitis gqualess ;
Quareduo €CEA,AED,dugbusAED, = -
D E B 2qaalesfunt. auferatur communis
AED: ergo reliquus CE A, relique
BE D gqualis eft.Pariter oftédetar CE By
D E A 2qualkes efle. Si ergoduaz re@xfo
inuicem fecuering, facient angolos,quiad
verticem funt 2quales.Quod demonflra-
reoporuis - ¢ - ' e

. Propofitior6.Theor.s,
Ommi trisaguls umo. latere producte,
externus angwlus werolibes interwo

. .\&?Pd"'om"‘o"ﬂ. _

Ay Qlutrianguli ABC,
X S& vnt?ll?i‘pﬁushtus
. BCinD producatar.
" Dico angulum exter-
B./x &/ p num ACD maiorem
e { efleinterdis &oppofi-
-'IK \ +: us CRA,BAC. 4 Bi- 2pvp.1d
- fecetur ACinE,& du-
. . . .&aBE producasur in .
. F, (k-




1

bprop.s.r.
Cprop. ..

daz.9
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F, (itque ipfi BE equalis EF, iungatue.
CF, & producatur ACin G.Etquia AE,
ilpﬁ E Ceftzqualis; crunt duz AE, EB,,
uabus CE, EF 2qualesalteraalteri; &
angulus A E B,angulo FE C eftb zqualis,
funt enim ad verticem: e jgitur & bafis
A B, bafi. F C zqualis erit, & triangulum

ABE uiangulo FE C;adeoque & reli-

qui anguli reliquis, alcer alteri, quos 2+
qualia {ubtendunt latera : Erit igitur &
angulus.B A E angulo ECF zqualis;ef}
dautem E CD maior,quam ECF: Ergo
& A CD maioreftquam B A E. Parima-,
dofe@o B C latere bifariam demonftra-
bitur fgulus BCG, hoc eft, A CD ma-
ier effeangulo- A BCr Omnisergotrians
guli vno latere productoexsaxnusangu-
lus veroutsinterno,& oppofito maior ¢ft,
quod oportuit demonftrare,

> Propofitio 17. Theor.1o.
Omnis trianguli duo anguli duobus re-
- (lisminoresfunt , quomspdocun-
L quefampti,
It triangulum ABC

i\ JDico duos eius an-
‘ gulos minoresefleduo
» 5 bus reQtis quomodo-

cunq_uc
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docunque fumptos. Producatur BCin
D. Et quiatrianguli A BCangulus ACD
externus, 4 maior eft interno & oppofito 3p79.16.%
ABC. Si communis apponatur ACB:
erunt ACD; A CBanguli,maiores ABC,
BCA angulis: Sed AC D, ACB:4duo- bprepay.1.
bus re&is funtzquales: Erga ABC,BCA
* minores.Similiter oftendemus tam BAC,
ACB,quam C A B, AB C duobus re&is
effe minores. Omnis ergo trianguli duo
anguli quicunque duobusrectis funt mi-
nores, quod oportuit demonftrare.

Propofitio18. Theor. 1a., .
0 . s Tee ~ :.‘.'..' .
Omnis triangnli maiss latus maiorem

mgulllMﬁb“ﬂ.diie PR Y
A C Ittriang’ialu‘iﬁABC
-+ -+ xJhabéslatus'A C ma-
: D * iusfatere A'B, Dicol... . .’
, ¢ angulum A8 C maio-
: © remefleanguloB C A,

Quia enim A Cmaius eft, quam A B; fiat

A DipftABzqualis: & ducatur B-D. Et

4 quia trianguli BD C externus angulus 16,5
A D B, maior eft interno & opp%)ﬁto Lk
D CB,8& b zqualis angulo AB D, quod bprepg.s
latera A B, A D zqualia fint, maior ergo

- etam
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etiameft AB D quam A CB: multo ergo
maiorerittotus A B C,quam A CB.Om-

a0 nis ergo trianguli maius latus, maiorem
angulum {ubtendit.

Propofitio 19.Theor.13.

Ommis srianguli maior angnlsmaiori

darerifubsenditar.
A Qit trianguliABC
4 S_habens angulum
ABC maiorem an-
2 « guloB CA. dico &
3 - Jatus A C maius effe

latc'TAB. Si-nonterit AC ipfi AB aut
zquale,aut minus. Noh zquale. Sieniin
$prop. 5i1. zquale, # cffet & angulus ABC angulo
/A CB zqualis: at non’eft: ergo A C 2-
uale noneftipi AB. Nonminus: nam
"n,,,:,,,z A€ minus cfler ‘quam AB, efletb8c
angulus A BCminor angulo ACB; at
moneft:tion ergo A Cminus cRtipfo AB.
Oftenfum autem eft,quod nec zqualezer-

go maius. Omnis crgo trianguyli ma-

ioriangulo maius latus.

fubrenditun y

X

PR
PKOf

|
J
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Propofitio 20.Theor.13.
Omnis triangulido laterareliquo ma-
iora funi guoimodocumguer
Sompta.
SI: trianguli ABC.
dico duolatera BA,
AT, mhiora effe reli-
. quo BC;&AB,BCreli-
‘B « quoAC;&BC,CA re-
liquo A B. Producatur
cmm BAinD; Gtque e@ DAipliCA
m}i ualis, & iungatur D C. CumergoDA .
ACHh: a:qualu, erit&angulas AD Gy
angulo A €D zqualis. Seda BCDan- 2445
gulus maior eft-angulo A C D; malor er-
goctiameft BCD,iploADC. Etcam . . .. "
D.CBf tmngnlum habens angulum -
BCD maiorem angulo A DC, bmaios bpropto.m
fem autem angulum rmaits latusfubten- . w4
dat;crit D B maiusiploBC: zquale au-
tem cft D B ipfis-A B, AC:maieii crgo
funt BA, AC, quam BC. Omnis erge
. trianguli duo latera reliquo. maio-
rafunt; qnomodocunquc
fumpra. -

BeH o,
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Propofitio 21. Theor.14.
Si & terminis wniws laterss trianguls
due récte intra conflitdantur , erunt
ba minores reliquis duobus trianguli

. laseribus, at maiorém angulum
. eontinebunt. -
A A terminis lateris BC

trianguli A B C con-
‘ ftituantur duz re&tz BD,

R/ CD intra. DicoBD,DC
reliquis trignguli lateribus
B C€BA; AC minores effesae

angulum B D C maiorem conitineré ; an-

guloBA C. Ducaturenim BDinE. Ee

aprop.ase.1. #quizomnis triangnli‘die lateraceliquo
maiorafunt: etuhv& tranguli ABE ; la-

- teraAB, A E maioraBE latere.apponas~

bavs. tor communisEC,beramque BA,AC
maiora ipfis BE,EC. Ruerfus'trianguli

eprep.20,1. CE D latera CE, E D emaiora funtlate-
re CD,communisappenaturDB;erunt-

que CE,;E Bmaiora plisCD, DB: Sed

B A, AC miiora oftenfa funv ipfis BE,

E C;multo ergo AB, A C maiora erunt

dpropaes, ipfis BD, DC, Rurlus, quoniamd om-
' nis trianguli exterusangulus interno, &

oppe-
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oppofito e maior; erit & trianguli CDE
exrernus B D C, maior .interno CED,
Eandem ob ceufam erit trianguli ABE,
externus CE B, siotinterno B A Cifed
& B D C oftenafus eft maior, iplo CEB:
multd ergo maioreft B D C,quim BAC.
Quare {i 4 terminis, 8. quod oportuit
demanflrare, L

Propofitio 22.Probl.8.
Extribueyelles , tribus date veitis -
gualibus,triangulamciflitnere. Opor-
tet autem duas, reliquid maioréseffes
quomodocsmyye fumptas. guod smnss

- srianguli duo latera religno me-
 sorafimt,quompdocung,
Sfamantar,
Int tres re@z, A, B, C, quarum dua
\J quomodocung; fumptz reliqua ma-

jores fint,vt A, B, quam C; A, C quam Bs
B, Cquam A. Oporteat autem ex tribusy
: C tri-
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Sdefus.

ean.1.
ddefus.
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tribus A, B, C, zquatibus triangulum c6- -
flituere. Expofita fit re®a quzdam D E,
terminata ad D,interminataad E; fitq; « -
DFipfi A.F Gipfi Bsipft C zqualis faa
G H. Defcribatur ¢centro F, interuallo'
FD,circulusDKL: Centro verd G, in~-
teruallo G H,circulus KL H;iungantur-
ue FK, KG. Dico ex tribus FK, KG,.
% F zqualibus tribus datis A, B, Ctrian-
gulu'm FKG effe coftitutum. Cum enim
centrum fitcirculi DKL, beritF D z-
qualisipfi FK ; fed F D eftzqualis ipfi A;
cergo& FK, eritzqualisipfi A.Rurfuscit
Gfit centrii circuli LKH,derit GH zqua-
lisiph G K; fed G Haqualiseftipfi C: e e-
ritergo & GKzqualisipfi C: Eft werd &
FG zqualisipfi B. Tresergo KF,FG,GK
zquales funt tribus datisA,B,C.Quareex
ibus K F, F G, GK, zqualibustribus A,
B,Ctriangulum cft con(hitutﬁ. Quod fa-
cereoportuit.

* Propofitio z-3.[{robl.9.

" Ad dasam reciam, dessmy,ines pan-

cum daro angulo n&iliun,qu-

lem angulumreitilineuns
o conflitueres,

' : Sit
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Slt dataré&a AB, datiiq; ineapandii-

A, datus angulus reRilincas DGE,
Oportcat autem ad pynGum datum A,
_datz re@z A B, dato angulo redilinco
D CE zqualem angulum reQilineum
cbnfhtucrc. Capiantur in vttaque CDh,
zhben

pun&a LB, &

'hmgttur DE¢

« atq; extribus eprip.aa

Ire&ns s qua 2=
quales fint tri=
busCD, D E,

EC triangu lum AFG cbnﬁuuawr sita.

vt CquuallsﬁtlpﬁAF;CF. ipiAG3
DEipfi FG.CumergoduzDC; CE=-
?ualcs fint duabus F A,A G, alteraalteri;

..

tverd & bafis DE zqualis bafi FG; b erit bprop. ‘0 o

& angulus D CE equalis angulo FA G.
Quaread datam rectam AB,datumquein
¢a punttum A, dato reilinco angulo
D CE, zqualis angulusre&ilineusF A G
eft conflitutus. Quod oportuit facere.

Propofitio 24.Theor.1 5.
Siduo trianguls duo latera duobus la-
veribus cgmln habuerins, alteram ol

S ~ Ca ters;
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scri; amgulum vero angulo maiorem,
wi aqwalibus veilis linei conti.
setur, & bafim bafi maio-
rembabebunt.

Int triane

- A D

' : ula ABC,
\ D E¥,haben-

» @ L&l G tia duo latera

. E AB,ACduo-
bus D E,D Fzqualia,alterumalteri: AB
quidemipfi DE; ACveroipfi D F. At
angulus BA C maior fit angulo EDF.
Dico & bafim B C maioremeflc bai EF,
Cum enim ax;[%ulus B A Cmaior it EDF

eprep.23.0 angulo,« cenflituatur ad pun@um D re-
&z D Eangulo B A C,zqualis EDG; fit-
que vtrique A C,DF zqualis DG, &iun-
gantur GE, FG. Quiaigitur AB ipfi
DE, & A Cipfi D Gzqualiscft ; erunt
duz B A,A C,duabusE D, D G zquales,
sleeraalteri; eftque & angulus B A C, an-

- bprep.#.1. gulo E D G 2qualist Berit igitur & bafis

BC,bafi EG zqualis. Rurfus quiaDG
eprop.sa, 1pli D Feftzqualis,& ¢angulus DFG an-
dexg. gulo DGF; deritangulus D F G maior

angulo EGF : multo ergo maior erit

EEG,iploEGF. Et quia EF G trian-

. , gulum
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lum eft, habens angulum EF & maio-

remangulo E G F (¢ maioriautem angu- cpryp.19, %

lo maius latus fubtenditur ) erit & latus
EG maius latere EF : zquale autem eft

« E Gipfi BC: maius ergoeft & BC,ipflo -

EF.Siergoduotriangula,&c.quod opor~
tuit demoaftrare. ‘
Propofitioz §.Theor.1s.
Siduo trianguladyo lasera duobus la-
teribus equalia habuerint ,alterum al-

teri,&r bafim bafimaiorem , &r angu-

lum angulo,quiaqualibws laseri-
' bus continetur,maiorem
- habebunt, -

A D igtduotriangu-
Lo\ - " duolateraAB,A C,
[ ¢ By duobus DE, DF
L “7 habétia zqualia, al-
terumalte#i, ABipfi D E, & A Cipii DF:
Bafim verd B Cmaigrem bafi EF. Dico
& angulum BAC angulgE D'F maiorém
efle.$i non:aut zqualis g aneminor. N§
zqualis; Nam fi sngule B A Q, angules

E D Faqualis effeca offtedtinis BC,ba- aprop.g.r.-

ﬁEEquis ; at non eft¢ nan efgoan- -

C3 gulus
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gulusBAC angulo E D F eft zqualis. Sed

b;np.u 1 nequeminor: nam fi minor effet, b effee

-

& bafis BC minor bafi EF: at noneft:
‘nonergo angulus B A Cminorcftangu-
lo ED F.Demonftratum et autem,quode

neczqualis : maior ergo erit. Si ergoduo
triangula, &c. Q_od demontftrare opor-
tuit.

Prcpoitie 26.Theor.y7.
Si duo triangula duos angnlos duobus
anguly aquales habuerint, alterum al-
seri, @ vnum latus wnilateri qaale.
Seu guod aqualibus angulis adiacet, few
gquoduni equalium angslorsim fubten-
ditur ; é'relxgaa laterarelignis laseri-

bus,alservion alteriscrreliquuman-
gulﬂmr:l:gaomgala,aqﬂqlmn
habe tmt. A

q InT duo
‘ triangu-
\ 5\ Ja A B C,
g P .DEF,duos

nngulos ABC,BCA duobu&DEF,EFD
#quales habentia, alterum alteri, ARC
quidem ipfi DEF,& BCAipfi EF D: ha-
bcant verd & vaum latus yai latcn aéqnla-

Ce
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ie. Et primo quod. zqualibas angulis ad-
iacet, nempe BC.ipi EF. Dico quod&
reliqualatera,reliquis ¢qualia habeant,al-
terumalteri,ABipi DE.ACipi DF.& - .
reliqoumangolum B A C reliquo EDE» o
Quod fi AB,DE in#qualia tint; youme-
#itmaius. Sitmaius A B: 4fiatq; ipfi DE aprep.z. 8
2qualis G Blinea,& ducatur GC,  Cum .
}gitur tam BG,DE; qui EF,B Czquales '
int; eruntduz BG,B C,duabus DE, EF
zquales,alterpalteri; & angulus GBCan. o
gilo DEF qualis:f erit ergo & bafis G C b#7p- %8
bifi DF zqualis,& triangulit G C B trian-
gulo D E Fzquale,rcliquique angudi relis
quis,alter alteri,quibus ¢qualialatera fub-
tenduntur.Quareangulus G C Baqualis
eritangula DFE:fed & D FE ponitur 2~ -
qualisipfi B C A : eritergo B C Gzqualis
ipiBC A, minar maiori, quod fieri ne~
quit: ndergo AB,DEinzquales funt: ers
ozquales. Eft ver6 & B Cipli EF zquae
isiduzergo AB,BC zquales funtduobus
DE,EF,alteraalteri,& angulus ABCans -
gulo DEF: cergo & bafis A Cba D F.8¢cprep. .1
reliquus zogulus B ACreliquo E D Ez-
qualis erit. Rurfus fint latera gquales an-
gulos fubtendentia, AB,DE zqualia,dico
& reliqualatera;raliquisateribus,ve A C,
- . C 4 D F;
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DF,&B€, EF, reliquumqae angufuch
BAC,reliquo EDF?zjual«‘tll :ﬂ'c?S%?:nim
, BC,EFfunt inzqualia;erit voumrmaiiye
$prop31. fit,fifieri poteft,maiusBC,& dfiatipl EF
@qualis BH,iungaturg; AH. EtquiaBH
ipfi E F; 8 A Bipfi DE zqualis eft: crunt

uz 'I:B,B H,duabus DE,EF :quai:sl.nb

teraaleeri, cantinentd, angulos quales::

o " ¢bafis ergo AH,bafi I()lF cl% £q uali(z,&.t,riv
angulum ABH trianguloD E F,reliquiqs

, angulireliquis,alter alteri,quibus zqualia
< latera fubtenduntur ,'zqu:‘es erant, - Ef
::giturangulus BHA gqu'alis’angulo EED;

ed EFD 2qualis eftanguloB C A:eriter-
go& BHA zqualisipfi B C A. Trianguli-

erga AHC externusangulus BHA 2qua-

fprop.16.s lis eft interno & oppofito BCA,fquod
fieri nequit; igitur B C,EF inzqualesna

funt; equales ergo. Cumverd & AB,DE

fint zqualeszerunt duz A B, B Gduabus

DE,EF zqualesaltera alteri, aqualefque

§rrepsra angulos continent: g ergo & bafis AC ba<
fi D F zqualis eft, & triangulum ABC tri-

oo angulo DEF, &rcliquus angulus BA G,

seliquo EDF, Siergo duo, &c.
Quod demonftrare opor-
' portuit,
s

- Pro~
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Propof.27.Theor.18.

Siin duas reclaslineas rectaincidens

angulosalternos aquales fecerit.pa-
rallelecrunt ille linea.

, In duasre@asAB,

' CDincidensre-

» 4% &aFEFfaciat angu-
V4 losalternos A L F,

E F Dzquales. Dico A B, CD parallelas
effe.Sinon; produe concurrét, aut ver-
fus partes B,D;aut verfus A, C: produci-

. tur,& concurgant verfus partesB,Din G,

« Eftitaquerrianguli GEF ahgulus ex- aprop.afa,
ternus A E F maiorinterno, & oppofito
E F G:fed * & xqualis; quod fieri pequit: »,,, bype-
non ergo A B, C D produ&z cancure sief,
runt verfus partesB, D, Parjratione de-
monftratur, quod nequead partes A, C:
# quzautem in neutram partem concur- b4éfz3
runt, parallelzfunt: parallelz erga fung...

AB,C D:Siigitur,&c,quod opor-

tuit demonftrare,

L= T

Cs Pro.
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Propof.28.Theor.19.
Siinduas reilaslineas rellaincidens,
angulum externuminterno, & oppofi-
10, adeafdempartes, equaléfecerit:
welimsernos ¢ adeafdempartesduo-

’  busreclis aguales,payallelaerunt
ilelinee. . )
Nduasre&tas AB,CD
incidensre@aEF, ex-
<8 - teraum angolum EGB,
- interno , & oppofito

F GHD zqualem faciat:

sutinternos, & ad cafdem partes BG H.

G HD duobus re@tis zquales. Dico A B,
CD parallelasefle. Cum enimEGBan~

» ,. gulus,*zqualisGit,& anguloGHD, «&
tb‘r;',k” fngulo AGH,; & erit &gA GHzqualisi-
aprop 5. pfi G HD. ¢ & funtalterni: parallelz er-
Lest.  oofunt AB,CD. RurfuscumBGH,
:’ .27 G HDduobusreQisfint zquales; 4 fint
HPIII futem & A G H, B GH duobus re@is z-
quales:erunt AGH,BGHipfisBGH,

* G HD zquales:communis B G H aufe-
eax.y.  Taturieeritigitor reliquus AGH, reliqua
fprop.s7.1. GH Dzqualis:if & funealternizfunt ergo
AB,CD parallelz. Siergoinduasre@as,

&c¢. Quoddemonfleare oportuit,

Pro-
|
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Propof.29.Theor.zo0.

Rectain pavallelas reitas incidens 4-
,uale.rfuztmgulvultemas rexter-
“puminternody oppofito, & adeafdens
partes agualem: ¢ i internss ¢ ad
cafdem partes duobus reitis
#qualesefficis.

n parallelas re@Qas AB,
C Dre&a EFincidar,
Dico quod 8&:aleernos
angulos AGHGHD
‘ ) uales faciat; & cxrer~
numE G B :mcxao,& oppoﬁto,&ad caf-
dem partes GH D zqualem;& internos,
‘& ad eafdem partes BG H, G H Dduo-
‘busreQis zquakes.Sienim AGH,GHD
ln!quales funt, vaus illarum AGH{:
-maior.3 & quis A GH maior eff qug
G HD,communisaddator BGH. HI er-
o AGH,B G Hmaiores funthisBG H,
HD;« fedAGH B GH'duobasre 2prop 134
‘Bis funt zquales vergoBGH, GHD
.duobus re&is minotes erunt. b Qua Jur b v
tem 3 minoribus quam duobus re&tisih
-Infinitum producunturlinez r¢@2, con-
‘currunt: ergo A-B;C Dinighaisum pro-
dulla
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du&z concurrunt; at non concnrrunty
parallele enim funt: ergoanguliAG H,
G HD, nonfuntinzquales: igitur 2qua-
cpropsis.t.les Porrd e AG Hangulus zqualis el an-
golo EGB: Ergo& E GB zqualis erit
angulo G H D ; communis apponatur
BGH:ergo hiE GB, BGH, 2quales
funt hisBGH,GHD:d{td EGB,BGH
dpropry.t. fant 2quales duobus reis: cruntergo &
B G H,GHDduobusre&is zquales.Re~
&a ergoin parallclas,8ic. Quodoportuig
demonfieare, T

. Propoﬂso.THcor.zI.
QuecidemreTefunt pavallele, & in~
terfefuntparallele. .

: : ‘G- B S It vtrag; ipfarush
cfé\n parallela. Dico& A

i 3o B,CD cffeparallelas.
Jocidateniminipfas re@a G K. Exquiain

:;&as, pg.rallclasl AB,EFre@a GKinci-

it; # eritangulus A G H,anguloGHE

sorer 7" 2 qualis. Rurfus, quiain para%lclas eQas
bprop,e21 B FC D caditrea G K, erit & angulus
GH Fzqualisangulo G K D;oftenfus eft

autem & angulus AGK angulo GHF
zqua-
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2qualis:¢ ergo & angulus AGK zqualis .,
eritangulo G K D:& funtalterni: d ergo dprap.af.r.
AB,C D funtparallelz.Ergoquz cidem, - .
&c. Quod oportuit demonfirare.

Propofi31.Probl.1o. _ |
Perdatumpunitumdatereiialince S
parallelamdycereo,

\ -EX dato punQo A,
: ' Datzre@z BC.o-
51 porteat parallelam du.

- ~ ceres AccipiaturinBC
quoduis pun&umD;iunganturque A,D.
a&conftituatur ad A punGumreGeDA sprop.az.e
angulo A l?lC Zqualis D? E,ducawrg;.

ipt AEindireGum AF. b Quiaergoin e s9.17
d’:us reCas BC, EF re@a &; inci%ens Hprp-aren
angulos alternos EAD, A D C zquales

fact, erunt B C, E F patallelz.Per datum.

ergo pun&um,&c. quod facere vportuit,

Ptopof 32.Theor.22,
Omns trianguli vno latere producte,
externus angulus, duobus internis , &
oppofissi est aqualis; & tres interni T
“duobms et funt agqoales,
Slt triangulum ABC, & vnum ciusla-

wus B C producaturin D. Dicoangu-
' o lum
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lum externum ACD

4 4> A& #qualem effe duobus
internis, & oppofitis
B CAB,ABC; &tres -

: C Dinternos ABC, BCA,
aprp.n.r; C ABduobusrectiszquales. 4 Ducatur
per Cipfi AB re&a parallela CE. Quid |
bpripazx ergoin A B, CE parallelas cadit A C; b e-
runtangalialterni B A C,A CE ¢qualess
Rurfus quia A B, C E parallelz funt, & id
sprop-ada. jpfas caditre@a B D, ¢ eritexternusane
ulus E C D,zqualisinterno,&oppofito
A BC:oftenfus cftautem & A CE zqua-.
{is B A C.Totus ergo A CD xqualis ft.
duobus internis,& oppofins BAC,ABC.,
Apponatur communis ACB: & eruat
ACD,A CBzqualestribus ABGC.BCA,
#2r9 312 CAB: d fed A CD, A CB zqualesfuot
: duobus re&'is:er%:» &ACB,CBA,CAB
zqualesfunt duobusre@is. Omnisergo
trianguli,&c.Quod oportuit demofirare,
Propof.33.Theor.23.
Lincerecle,que equales & parallelas,
lineas adeafdem partes consungunt, &
ipfe aqualesfunt,Crparallele.

SInt zquales & parallel¢ AB,C D.easq;s
ad cafdem partes coniungant reGae

AC,
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A BAC,BD. Dico & ipfas

" A C, BD parallclos & 2~
quales efle. Ducatur enim-
BC. QuoniamAB,CD

o
53 D parallelz funt, &in ipfas »

incidit B C;a cruntangulialterniABC, apropaze

BC D zquales. Et quia AB,C Dzquales N

funt ; commaunisaddatur BCjerunt duz \

A B, BC,duabus B C, C D zquales, eft§;
angulus A B C angulo B C D zqualis..
b Quarc & bafis]A C, bafi BD zqualise- p pryp, 4.7,
rit,& triangolum A B Ctriangulo BCDy .
& reliquianguli reliquis, alter alteri, qui-
bus zqualia latera fubtenduntur, zquales
erant. Eftergoangulus A C B angulo
CB Dizqualis.EcquiainduasreGas AC,
B Diacidens re&a BC, facitangulosal-
ternos ACB,C B D zquales;e erunt AC, cprpusya.,
BD paraliclz: ofléfz autem funt & zqua- '
les. Ergo linex reGz, quezqua-
- les, &c. Quodoportuitde-
~ monftrare, .

| st atna
SR
‘ v I Pn v YD

. - Proe
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Propof34.Thtor.24.

Parallelogrammorsm [paciorum , ons
exaduer(o & latera, & anguli.fant
inter ¢ aqualia, eague dis-
metrusbifecat,

ESto parallelogrammum ACDB
diamerrus B €. Dico parallelogram-
mi A CDE, quaexaduerfo, latera&an-
gulos,#qualia efle ; eag; diametrum BC

A B Dbifariam fecare. Cume-

nim AB, CD parallclz
, fint, & in ipfas incidat
sprep.ay.y BC; acruntanguli al-

c N
34 D iai ABC,BCD zqua-
- les. Rurfus cum A C,B D fint parallele, 82
bprop.az.r. inillasincidat B C,b erGe & anguli alterni
A CB,CB D zquales.Duoergotriangu-
la A BC, CB D habent duos angulos
ABC’ BCA.duObﬂ‘BCD,CB D a-
- quales, alterumalteri, & voum latus, vai
lateri, quod adiacecangulis2qualibus, v-
eprap.26.. trique commune B C. ¢ Quare & reliqua’
latera reliquis,alteramalteri, & reliquum
sngulumreliquo, zqualem habebuat. -
qualeergoeftlatus AB lateri CD;& A C,

ipliB D; & angulus BAC anguloBDC.
’ Ec
f .
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Etcome¥ianguli ABC,BCD,qué CBD,
A CBxquales fiot:d 'tgit &totus ABD, dera.
toti A C D 2qualis. oftenfus eftautem &
BACzqualis BD C: Paraliclaprammo-
rem ergofpaciorum c}uz exaduerfo, & -
latera, & angulis inter {e 2qualia funt. Di- o
co &diametsum illa bifariam fecare.Cum
enim A B,C D ¢quales,& BC communis.
fiezerunt duo latera AB;BC,duobus CD,
BC zquajia, alterum alteri; & angolus -
ABCagnalisangulo B C D:ceritergo & eprap.git, |
bafis A'Cbafi D B 2qualis; &triangﬁum R
A BCuiangulo BC D, Diametrusergo
BC, parallelogrammum A B C D bifa-
riam fecats Quod opostyit demoaftrare,
" Propof.3¢.Theor.25.

Paralelogramma in cadem bafi; &rin

difdein parallelis conflitutasinter
i Jefuntagualia. -
SVnto patallelogrima ABC D,EBFC

inbafi BC,&in patallelisAFin BCc5-
flicuta, Dico A B C D gqualcefleipliEB
FC.Cumeninf A B C D parallelogram-
mum. fitacrunt BC,A D, zqualcsiegn. aprops g
dem ob:.caufam E E, B Czquales ergnt:

bvnde &ADipfi E F ¢qualiseri® sotha bess
FO - D munis
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D E ¥ munisefDE:c

- ergotota®¥ Byto- -

25 ti DF zqualiseft. -
© Eftdiverd&AB.

cax.s, P o . : s
dorrast : - ipf DCgqualiss -
i dugergo EA,AB,duab® FD,DCzquales
eprop.19.1 funtsaltera alterijfed & e angulus,F D-G,"
angulo E A Baqualis eft, externusinter- -
fprop.¢.r. no: f quare & bafis E Bbafi FC #qualis
erit;& triangulum E A Btriangulo FDC.
gs*3-  Commune D G Eauferatur;& crit g reli-
quum trapezion ABGD;reliquo EGFC.
@quale. Apponatur communis GB Crri- -
her.s.  angolus: b totum ergo A BCD parallelo- -
' grammum, toti EB F Cequaleerit:ergo -
parallelogrimain cadem bafi, &¢. Quod
oportuitdemonftrare. o
- Propof36.Theor.z6.
Parallelogyammain equalibus hj:'h)t,
- Gingtfdemparallelis conflitutain-
L. terfefunt equalia. o
‘Viato parallelogramma ABCD, EF
H fuper 2quelibus bafib®’, BC,FG;:
Sciniifdem parallclis A H, G B coaftitu~.
,ta. Dicoillacfle ®qualiaiungantur enim.
B E’ C Ho %ia cnim B C) ‘?G,Squllﬁ
S - fuat:
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A DE 1 funt; efiqac F&

] " qualisipfi E H;
-’5 ‘(‘\ actit SBCIphE ¢
 Hzqualis:5 funt bprep.sp. 00
B CF G verd & paralle-
Iz, conlunguntfuefipfasre@z BE, CH. cpropgsana
¢Quzautem zquales,& parallelasad eaf- -
dem partes contungunt,equalesy& paral- - . .. .
lelz fant: Quare E B, CH zquales, & pa- dprop.25.22
rallelg funt:d ergoEB CH eft parallelogra .
mum;eftquezquale ipfi‘A B CD,quippe:i
candem cum illo bafim B Chabens; &in ;.
iiffdem parallelis BC, AH conftitutum, : o
Eandem ob canfam EF GHeidé EBCH oty
cltzquale.e Quare 8 AB C D parallelo-.
grammumzquale eft E F G H paralielo=,
grammo.! Ergo parallelogramma, &e.
Quoddemonitrare oportuit.
Propof.37.Theor.2y. .

Triangulafuper eadem bafi , & is isf~

demparallelis conflisnsa, inter [¢

Sont agualia, RN

Vntotriangula A B C, DCB fuper ea~

dem bafi B C; & in iifdem parallelis
AD, B Cconflituta, Dico triangulum
A BC zquale effe triangulo D B C. Pro-

ducatur A D vring;ad E,& F; @ &perB, . o o
o ,q D'z ’ ipﬁ"""“
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2 A D  pipfiCA.perCve.

: ‘v ;6ipﬁ B D,paralle-
. " leducitur BE,CF,
32 A Virumg; crgc; EB

‘B & AC,DBCF paral-

b proppsat lcloénmmﬁ eft:§ funtd; #qualiasquippe

Bpropyga

in eadem bafi B C; &iniifdem parallelis
BC,EF conflituta.¢ Exeft parallelogram-
mi E B CA,dimidiam triangulum ABC;

~ diametrusenim A Bipfum bifecat : Paral-

dev.,

aprop.aLr,

Idagrammiverd DB CF, dimidium cft
triangulum D BC;nam diametrus DC
iplum bifecat. 4 Quz auté zqualium funt
tﬁlhi’dia‘, &ipfafonczqualia. Triangula
ergo fuper cadem bafi, &c. quod eportuit

demonfirare. o

" Propof.38.Theor.ag.

Triangulafuper equalibus bafibus ; &

‘initfdem parallelis canflitutainter

Lo fefuntagualia,

SVnto triangula ABC,DEF{uperz-
qualibusbafibus B C; E F; & iniifdem
parallelis B F,D A conftituta.Dicoillaef=
fe zquslia. Producaturenim A D ytring;
ad G &H .4 Atq; per B,&Fducapturipfis
CA, DE panallel¢BG, FH,eritg; vtrumqgs
: <o GBCA,
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H GBCA,DEFH

¢ A D H
paralledlogrammii ,
_ WA‘ b Et fu;lt tql,ialia bprep.sds
, uippefuper xqua- ’
B. CE F Elml:"lmﬁbu:l;l C, )
EF, &iniifdem parallelisBF, GH¢on- :
flicuta , ¢ eftque uiangulum A BCdimi~ cprop.z4:4
dium parallclogrammi G BCA ; ipfum
enimdiametras A Bbifecat : Et triangu-
lum FED eftdimidium parallelogrammi
DEFH;e nam &ipfum diametrus ED bi- cpropza2
fecat,  Queautem zqualium funt dimj. d4*.7.
dia, & ipla funt zqualia, Triaogulit igitur
ABC eftzqualetrianguloDEF. Qua-
re triangula fuper zqualibus bafibus, &c.
Quod oportuit demogllrare, -
Propofi39.Theor.zg, = -
Triangulaaqualiafuper eadem bafi,&r
adeafdem partesconflitut a,inisf-
dem funtparallels,
S Vatotriangula gqualia AB€.D BC
faper cadem bafi B C conflituta, Dico

illa in iifdem effe parallelis. Du&genim
A D,dicoillam el;g parallelamiph BC.Si .
non. # Ducatur per A ipfi B Cpasallgla A s prop.s1s,
E: iun®s igitur EC, b eritfriangulam bareps.r.

L - D5 " ABC
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A D A BCxqualetrianpulo

: F/ EBC; funtenim fuper

‘= cadem bafi BC, & iniif-
~dem parallelisBC, AE.

sans, B 39 &  Sedtriangulo ABC 2-

‘quale ponitur trian¥ulum DBC. ¢ erit
‘ergo D B Ctriangulum zqualeipiEBC
‘triangulo maivs minori, quod fieri ne-
quit: nonergo AE parallelaeftipfiB C.

' pari modo demontftrabimus quod nulla

" aliaprzter A D. Suntigitur AD, B C pa-
tallelr. Quare triangula 2qualia fuper
“eadem bafi, &c, Quod oportuit demon-
“frare. ,

Propof 40.Theor.30.
CAequalia triangula fuper agualibus
. bafbus, G adeafdempartes con.-
© o fitusa,iniifdemfuntpae

s

- rallels.

D Vnto zqualia trian-
o SgnleBC,@DEfu-
40 per zqualibus bafibus

B C,CE conflituta. Di~

ipropare. - coilla iniifdem paralle-
bprep 8 liseffe. Sinon: 4 Ducaturper Aipfi BE
- panallelaP A,jun@acrgo FE, b eriteri-

Jun angu-

-
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hita A B C zqualetriangulo F CE.
S.nug?emm fuper xqualibus bafibus BC, -

CE, &iniifdem parallclisBE , A F. Sed
triangulum A B.Czquale etiam eft trian-
guloD CE:eriterga& D CRipfi FCE camry)
2quale, maigsmigori, quod fieri nequit:
nonergoA Fipfi DE parallela ¢f.Similis
ter oftendemus, quod prater AD, nulha -
alia:A DcrgmpﬁBE parallela eﬂ.’I‘mn—
gulaergo zquaha,&c quoddemonttrare
oportuit, | - -
Propof.41 Thcor.g I.
84 pnrallelogrammum s trmﬂgulum
candem habuerint bafim, ﬁntﬁ. initf-
dem parallelis , erttparaﬂdognm- ,
wam duplam triangeli. . .
- Jot ;maﬂdogta— . i
wum ABCD, &
/ tmngnlum EBC .
(41 fupct eadébafi BC;
) ) < _iniifdem paralle-
~ lisBC,AFdicopse % .
nucloi miAB CD duplam effetri apnp 7.2
BC.Du&taenim A C; ¢ erittti-
ulum AB C zqualctriangulo EBC:
nt.quip pe candembaf imBC,8func |,
uulfdcm garalleln BC,AE. Sed pmllela. ’
3 ‘D4, .. . grame
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cammam A'B CD duplumeft triangoh
byrop.3#41 A B C; bdiametius enimi A Ciplum bife-
€%t caniequire & triangul EBC duplutn erit.
Siigitur parallelogrammum & triangw-
lum,&c. Quod dementirare oportuis,
. Propofzz.Problryr. "
Dato triangulo equale perallelogram,
* - mnmeconflituerc indatoangn- . .

- loretilinee,: - -

A F Sto datum tri
T ™ G Eapgulﬁ:ﬂiC:
TN /. .dstusangulus re-
AZ\ / &iline® D, apor-
o ¢ teatautem trian-

la ABCzqualeparaliélogrammit coh-
aproputes: ﬁ?tuerei‘n datoangulo D, Bifecetur BC
»prep.az. rin Esiungatur AE;& b conflituatuzad E
re@¢ ECangulo D ¢qualisangulus CEF.
prop-3% - Arg; ¢ perA quid€ agaturipli E Cparal-
lela AG:per Cverbipli EF parallcla CG,
"critql;E‘F E CG panallelogrammfi, Et quia
dprep374- B E, E.C equales funt,d crunt & triangu-
"“17 4 I ABE, AE Cwqualiaj quippe fuper <
‘qualibus bafibus B E,EC,&in iifdem pa<
rallelis BC, A G conftituta:duplam ergo
sprop.g1,1 <ft triangulum AR C triangulj A EC2
{ed & pargllclogrammum FECG duplum
quoque ¢ft trianguli A E-C, Sgacenim
T T fpee



fupercadem ba(vE C, & inij{dem pérallce

lisEC,A G eftergo paraliclogrammum
-FECGzqualewiangulo-A B C; haber-
queangulum C E F 2qualem datq ahgu-
lo D. Datoergo triangulo A BCZxquale
-parallelogrammum F E C G conftitue
tum eftin angulo‘ FEC,data angulo D,
'equali. Quod facere oportuit.

Propafitio 43. Theor. 32. ..
Omnis parallelogrammi, corum qna
¢ircé drametrum funt parallelogrem-
" morum complementa funt intet

. feaqualis.
AH_D SI T parallelogramm@
E g VABCD, diametrus

‘ N\ | *iusAC;circa AC pa-
Pl ¢ ralledlogrammafint EH,
41'3‘(: F G : & qua dicuntur

camplementa BK; KD. Dico comple-

menta BK; K D zqualia efle. quia enim

A BCD patsllelogrammunm cft, diame-

truscius AC;fica vetriangolaABC,ADC #9340

zqualia fint. Rurfus quiaEXH A paral-

ldogrammum eft, cius diametrus AK:

derunt:triangula EAK, A HK equalia. byrepgsary

Eandem ob caulam erunt aquglia trian-; o
S ’ Dy gula
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H_ D guhKFCKGC.Cum

E IF igiturtatriangula AEK,
AHK, quamKGG,

B N KF C fint zqualia; e-

43 7 runt&duoAEK,KGC,
duobus A HK,KF C zqualia. Eft vero
& totum ABC,toti ADC zquale:igi-
tur reliquo complemento K D, reliquum
BKcft xquale. Omnis igitur parallclo-
grammi, &c. Quad oportuit demonttra-
tc‘ .

Propofitio 44. Probl.12.
Ad datam reciam lineam’ dato tyian-
golo aquale parallelogrammum ap-
- plicare,in datoangulo
' rectilineo. ,
S I't data re@a A B ; datus triangulus
C;datus angulus re&ilineus D.Oper-
teatautemad datam retam A Bdato tri-

: FEf H
: - H XA :L]‘*—J

angulo Cequale parallelogram mum ap-
aprap.g2.1 Plicare in engulo 2quali angulo D. 4 C3-
flituatur triangulo C zquale paraliclo-

. gram-
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grammum BEF Ginangulo EBG 2qua-
liangulo D. &jaceat BEipfi AB indire-
&um; producatur FGin H;b per A alte- bprep.si.n
rutri ipfarum B G, EF agatur parallela
AH, &iungatur H B, Etquia in paralle-
Tas AH, EF re@aHFincidit, ceruntan- ¢y 5940
-guli AHF, HF E duobusre@iszquales:
dergo BHG , G FE duobus re&tisfunt d4». 5.
minores: ¢ quzautem dminotibusangu- cax.1n.
lis quam fint duo redi in infinitum pro-
ducuntur, concurrunt: igitur HB, FE
rodu@z concurrent; concurrant in K;
F& perKad akeryeram ipfarum E A, F H fprop.zrir;
ducatur parallelaK L, produisHA,GB
in L,M: erit igitar HLK Fparallelogra-
‘mum, diametros cius HK: g paraliclo- gprep. £72
prammacircaHK, erunt AG.ME. GC5- -
plementa LB,BF: hergo LBipfiBF z- hpropgs.s
qualeeft:fed& Cipfi B g cltzquale:seriiasr
igitur& LB ipfi C zquale. Etkquiaan- kpropas.e
gulusGBEzqualiscit anguloABM; & -
GBEzqualis anguloD: ferit & ABM, lax.1.
ipfi D zqualis. Ad datam ergo re- .
&am,8cc. Quod facere .
* oportuit. -

e

Pro-'
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Propofitio4s.Probl.r3.

- Datoreltilineo aquale parallelogram-
muws conflituerein dato angulo
rectilipeo.
Stodatumre&ilincumA B CD:da-
tusangulus reQilineus E. Oporteat

Nef

autem ipfi ABCD zquale parallelogri-

mumin dataangulo E conflituere.iunga-
sropprrurDB &4 conflituatur triangulo ABD
zquale parallelogrammum F H in angu-

bprop.e4.1 lo H K Fzqualiangulo E. Deinde & appli-
cetur ad linedm G H parallelogrammum
G M trigngulo DB C zquale, inangule
G H Mequali angulo E. Etequizangu-
lus E vtrique HKF, GH M eft zqualis ;
erunt& HKF, GHM zquales;addatur
dar.s, communis KHGidergoHKF,KHG
zqualeseruar his GHM, KHG:athi

#2199, 35u. ¢funt zquales duobusrollis; ergo & illis
Quare adpun@umH re@z G H pofitz
funtduzlinez K H, H M non ad cafdem

partes, facientesangulos deinceps a!ql;a-

. 9

cper }fmﬁ',
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lesduobus re@is, f indire@it ergd erune frop.14.4
KH,HM. Etquisinparalllas K M,F G
re@a incidit H G, gerunt angulialterdi 8#7%-47:¢
MHG, HGF zqualesi Comunis 2ppo-
natur HGL:éerunt ergo hiMHG,HGL, iax. s,
his HG F,HG L,aquales ; kat#li funt ¢ lprep. a9,

vales duobus reQis:ergo & hi: Jindire- lprepvrs.se
gum clégo et FGipli,GL, Etquiztam.
X F,HG quaHG, ML xzquales & paral - ‘
lelz funt : 7 erunt & KF, M Laquales & ™. 3%
parallelz : 8 coniunguntillas reGtz XM, "
F L:nergo & KM,F Lizquales & patalle- nprep.3.14
l2 crunt, Parallelogrammum ergo eft
KF L M.& cum triangulum A B D zqua-.
le fit parallelogrammo HF;& triangulum - - -+
D B C parallelogrammo G M,erit totum
re&ilineum AB C D toti KFLM 2quale.
Datoergo reilinco A B C D 2quale pa-,
rallelogrammum confticuimus KFLM,
ia angulo dato E. Quod facereoporte
ba. ' " :

Propofitio 46. Probl. 1 4.

“ - Adetarectslines gnadratum
" o deferiberes,

> Stodatare@a A B, 4 quaquadratum

delcribere-oportear. # Ducatur i pii- aprep.is.1.

&o A re&tz A Badanguloscedtos A cf;i &
Lo ' at
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¢  FathipfiAB zqualisAD; a8’
- Ip___¥aD ipfi ABagatur parallela-
iperfirud. DE:sper Bveroipfi A Ddu-
46" | catur parallela BE: cft ergo
e 'BA A D E Bparallelogrammums -
bpropaen A Bponge ABipfi DE,& ADipfi
sper flin?. BE zqualis erit: efed & AB zqualiseft
iplt A D. Omnesergo quatuor BA, AD,
DE,BE funt zqualesseftergo ADEB -
" zquilaterum.dico quod & re@angulum. -
Cum cnimretaADin paraliclas AB,DE
dyrep.2s.8 incidar,derunt anguli BAD, ADEa-
cperfirnd. qualesduobus re@is. ¢ reGus autem eft
BAD :ergo & ADE. fParallelogram- -
morum autem fpaciorum anguli &latera, *
quzexaduerflo, wqualia funt; erit igitue:
vterq; A BE, B EDre&us:reétangulam
igitr et AD EB. Oftenfum autem eft & -
80447. gquilaterum: g ergo eft quadratum; &3-
reGa A Bdefcriptum.  Quod oportebat
facere. - b
Propofitio 47. Theor.3 4.
Inreltangwhitrianguls, gnodd latere
rectumanguli ﬂ;btmder_ctede/crilvimr
quadrasums , aquale eft illis . quad laseqy
vibus rectamcoprebendentibus de-
Sovibantur quadrits.

hprop.342

Epropye..

Efte
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Sto triangulum re@angulum ABC, ~ ° - w
reGum habens B A C, Dicoquadra-
tum 4 latere B C defcriptum, zqualeeffe -
quadratis 4 lateribus B A, A Cdefcriptis.*

: o a defcribiturare- spropgoi
"QisBC,BA,AC
quadrata BDCE;:

GB; HC;& bper bprepsis.
A,vtriq;B D, CE.-
~ agatur  parallela
AL. iunganturqgs
AD,FC. Etquia
B vterque anguloril -
BAC,BA Gre@useft, funtg; ad pun&i -
Alinex AB duzretz AC, A G pofitz,
facientes angulos deinceps duobus reis - ,
zquales, cerit'A Gipfi A C in dire®um, $27%- 4"
Eandem ob caufam eft ABipfi A Hin di-
reGum. Etquia angulus DBC zqualiseft’
angulo F B A, quod vterque fitre&us, fi' .
apponatur communis A BC: d erit totus d«s- 4
D B A,toti FBC zqualis. Cumqueduz
DB,BA,duabnsB %.B Fzquales fint,al-
teraaleeri,& angulus DB A,anguloFBC
zqualis;e erit & bafis AD, bafi F C zqua- eprop g
lis,8 triangulum A B DtrianguloFBC: bl
feftque triapguli ABD para'llelogram- Eprop. 4.8
mum B L duplum ; habeat cnim “{idﬁm

afim-
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&27°0-#7 Bafim BD, & funtinij{dem paratlelis BD’[{
A L.g Trianguli vero FB C duplue ¢fR
quadratum G B; habent enim eandé ba-. .
fim FB, & funt in ij{dem parallclis F B,

herge  GC;bquz autemzqualium funt dupla,z-

qualia. inter fc {unt: parallelogrammum
ergo BL zquale et GB quadrato. Eodem

" modo iun&is AE, BK demonfirabitur

CL zquale efle quadrato H C: Totum
ergo quadratum D B E Czqualeeftduo-
bus GB, HCquadratis: & et DBEC 2
BC;ipfaveroGB,HCaBA,AC, de-
feripta: Quadratum ergoaB C defcripta
zquale cft quadratisi B A, A Cdefcriptise.
1a re&angulis erga Triangulis,&¢. Quod-
oportuit dcmonﬁrare. «_ S

~ Propofitio 48. Theor.3¢. - -
Si quadratum sbunotrianguli latere
defcriptum , aquale fuerit quadratis &

reliquis laveribus deferiptis angulus
: ircligué lateribsus cowtentusy . .
rectuserit, '

ESro quadratii i late-

re B Crrianguli ABC

- deferiptum , zquale qua-.

* dratis dlateribus BA, AC

€ defcripiis. Dico angulum

BAC

3

A8 -
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BAC rg&nm efle. @ Ducatur ¢nicmab A aprep.1i. v
puniolinez A Cadangulos reQos feQa
AD,& fitb ADipfi AB zqualis,iungatur- bprop.a..
que D C: Et §uia D A;ABzqualesfant,
erit & quadratum ab A D defcriptum -
quale quadrataab A B deferipto.appona-
tur commuste quadratum ab A, Cdelcri-
ptum :é etuntigitur quadeataiplari DA; eax .
A Cxqualia quadratisipfarumB A, AC,
Sed quadrata iplarum D A, A C zqualia.
funt quadratoipfius D-C. dangulus cnim dperfrass
D AC feGuseft. Quadratisautem ipfa-
rum AB, A Cponitur zquale quadratum
ipfius BC.quadratacrgoipfarutn DC,BC
funtzqualia: ergo & latéra. Etrcum AD,
A B zquales fint, communis A C,igitur
duge D A,AC,'duabus BA, ACfunt-
quales,8 bifis D C bafi BC: eeritergo & oprp.t.
angulus D ACanguloB A Czqualis: Eft
vero D A CreQus: ergo & BA CreQus
erit. ‘Sicrgo quadratum, 8¢, Quod -
oportuit demon-
- firare.




%&é” (A
TR0 A ‘quzw‘x*
EVCLIDIS
ELEMENTVM

SECVNDVM.

Definstiones.

1, Omae parallclogrammum re&angu-
"~ lum contineridicitur a duabus re-
&is lineis angulum reGum com-
prehendentibus. Veinpropof 1. pa-
mﬂelogrammum B Heontinetur a li-

uess BC, BG,que angulnm reftuns
Beontinent, .

2. Parallelogrammt fpacij voum eorum,

quz circa diametrum funt paral—
lclogram norum, cum duobus ¢5-
plcmcntls gnomon vocetur. ¥z

sn propof- 5. figura CBFG HL ¢on-

tenta pnraﬂelagmmmx bL,H G

quAdrate pa

S 4 i Pro-
P L .
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- Propofitior, Theor.1. **
Sifuerint dua recialince, quaram al.
Sera fecetur in quotcunque partes, re-

Gangulum abipfis contentum, eguale
eritreciangnli abinfecta, & fin.

gulis fecla partibus con-
/ rentis,

2 DEC SIntdug re&ex.A,BC,
quarum B C fecetur
4 I vtcung; in D, & E. Di-
G co reftangulum lineis
ﬂ L H A,& B C contestum -
r—a— quale efle reangulis

contentis A,BD; & A, DE; & A, EC.®

& Ducaturenim ex B ipfi B C ad angulos aprepar.x.
re&os BF, fiatq; bipfi A zqualis BG ;& byrep. 4.
e per G ipfi BC parallela ducatur GHjper cprop. s1.1,
D, E,Cveroipfi BG parallclz ducantur - f
DXK,EL, CH. Eftautem BH2qualeipfis
BXK,DL,EH.Nam B Heftre€tangulum

ipfarnm A, BC; Continetur enimipfis
BC,BG,&BG eflipfi A 2qualis. BK, eft
reQangulum iplarum A,BD;Contisetur

enim re&is G B,BD: fiquidem GBipfi A

equalis cft. DL eft re®angulym ipfard A,

DE; nam & DK zqualis eltipfiA, & fimi-
o E a liter
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liter EH eft re®angulumipfarum A,EC.

- Eftergoquod A,BC continetur zquale

/ o

illis,quz A,B D: A,DE ; & A, E Cconti-

‘nentur. Si ergo fuerine duz reGta,&c.

‘Quod oportuit demonttrare.
Propofitio 2. Theor. 2.

Sirecialines fecetur vtcung,cruntre-

angula,que 84 &r partsbus conti-
nentur, aqualia quadrato,quod
fiza tota,

; A CB e&a AB fecetur vtcun-

queinC. Dicore&an-
- gulaipfis AB,AC, & A B,
°

B Ccontenta, zqualia efle,

a’rop.4o‘.l‘ D F g quadratoip’AB.4Defcri-

bpropar.a,

batur fuper A B quadratum
ABDE,& ducaturper Cad vtramq; A D,
BE parallela CF. b zquale ergo et AE
ipfis APF,CE.Eftautem A E'quadratum
ipfius A B, reGtangulum ipfari BA, A C
eft AF; ContincturenimipfisA D, A C;

~ &eft A Dipfi AB zqualis. CE cétinetur.

AB,BC;Eftautem BE ¢qualisipfiAB:Er-

. goquz AB,AC ;& AB, CB continentur
- zqualiafuntquadratoipfius A B. Si ergo

tebat.

reGtalinea,&¢. Quod demonfirare opor-

Pro-
3

\
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Propofitio 3.Theor. 3.

Sirecialines vscuny, fecetur , erit re-
Fangulum totd, & vua parte conten--
tum,aquale reangulo partibuscon-
tento, G quadrato & dicts
partedeferipto,

A_C b E&a A.B fit ve-

Rcunq; {c&a'in C,
5 1 Dico re€tangula AB,
B C contentum,zqua-

¥ D ® leefle, & reQangula
AC,CB; &quadrato B C citento.€ De-aprop.géc’
feribaturenimi BCquadratum CDBE, -
producaturque EDinF; & bper A vrri. bprep. g1.0
que C D, BE parallela ducatur, A F: ¢ Er. €270 4
go AE zqualeeft,ipfis A.D, CE. Efique
AE rC&angulum ipfis AB,BC conten- =
tum ; continetur enim ipfis AB,BE, &
deft B Eipfi BCzqualis, A D verd eftre- ddeflaz, s
&angulum ipflarum AC, CB; eft enim
D Cipfi CBzqualis. D B,desiiq; et qua-
dratum ipfius CB, ReQapguliiergo A B,.
B C contentum,zquale eft A C, CB con-
tento,vna cum quadrataipfius CB. Sier-

goreQalinea,&c.Quod demon-
ftrare oportuit.
‘ E; Pro-
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Propofitio 4. Theor. 4.

Sireclalines vicung, fecetur ,quadra-
tum sotis aquale erss ¢ parsium qua-
dratie, G r eclangulo bis parsi-
_bws contemto,

E&a AB fecetur wcunque in C. Di-

co quadratum ipfius A B zqualecfle
uadratis ipfarum AC,CB; & reCtangulo
aprep.46a. bis A C, CB contento.s Gonftituatur e-
gim fuper A B quadratum;, AD E B, dua-

bprop-gut. carurque BD; ac b per Cvirique AD,EB.
’ ducatur parallela CF; per Gverd virique

 eperfirns. AB,DE parallelaHK.EtequiaCF,AD’
dprop.2s.1 parallelz funtin ipfalg; incidit B D, derit
externus angulus B G C zqualis interno

epropse 4 qp Hoppofito AD B:efed:
H @k ADBeftzqualisipliCBD;
Tl quod &latusBAlateri ADy

: fit zquale ; erit igitur &
D FE.C G B angulut., zqualis
fprop.d.x. GB Cangulo. f Quare &
§27%33-1 fatus B C lateri CG zquale erit: gfed &
. CBipiGK,&CGipliKBeftzquale;se-
ritergo & G K ipfi K B zquale ;zquilate-
rumergo eft CGKB. Dico quod & re-
&angu%um, Cumenim CG,BK para}!clz
: 1nt,
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fint,inipfafqueincidat C B;erunt bangu. hprep-a9.1l
liKBC,G C Bzquales duobus reis: sre- 1947 47- 1«
Qusaurem ¢t K B C;ergo & GCBre&us
erit.kQuare &qui exaduerfo CGK,GKB kppap. 5 4/
reQicrunt; reanguligitur et CGKB. -
Demonftratum autemelt, quod & 2qui- = . ;
laterum : quadratum lergoeft; & eftd CB 1427
defcriptum, Eandem ob caufam & HF
quadratum eft; & eft ab H G defcriptum, .
hoceft,ab A C.Sunt ergoquadraa HF,, .. ..»
CKabipfis AC,CB defcripta.Et quiaAG
ipi GEm gqualceft,ellq; AG AC,CB, =
cétinetur;funtn. GC, CBaquales;erit & ;"P’?-'ﬁv
GE¢quale AC,CB.contento. Ergo AG, *
GEcqualiafum bisAG,CBcStento.Sunt - -}
autem &HRCK quadratajplasum AC,. >«
BC: quatuarergo HF, CK,AG,GEzs . - .4
qualia funt, & quadratisiplrum AC,€B; =~ - .-
& re@angulo bis’A C; C B contento.Sed
HF, CK, AG,GEconflitugntsaesm .

A DEB, quod elt quadratum.ipfius A B.
Quadratpm ergo iplius AB 2quale cft
quadratisjpfarum AC, CB,8&reGangulo .

7

" bis AC,CBcontento., Siergd, &. o
- Quoddemonthrateo:, . '
.. ..., portuit. - L
Jt" K /3 i - -
s Es dia
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AR Aliademonfiratio. =~ .~
e D[co quadratumipfius A B gquale ef-
{c qpadratis partium A C, C 8,8 re--
. &angulobis AC,CB contento, Inecadem :
aprep. 5o1- figura,cum BA, A D fint zquales, e crunt
bprepazsa & anguli ABD,A D Bzquales. Etbcam
"~ omnis trianguli tres anguli ¢quales’fint
duobus reétis; erunt & trianguliABD -
tres ABD,A D B,B AD zqualesduobus®
cperfirvdt. peQis. ¢ & eft BADreGus: ergareliqui-
dper firmd ABD, A DBvaireGtozquales;jcumque’
é;:r;; . fintzquales, erit vterq; femireGtus. dre~’
T Gus aut€efBC G eft namg; zqualisan- -
gulooppufito ad A; reliqaus ergo C GB
fprop.32.1. femireCtuseft: figitur zquales fant CGB,-
gerer- 99 CBGiyg quare & latera BC, C G zqualia :
hprop 22.1. erunt: 4 fod CBzqualeeftipiKG,& CG
iper firni?, ipﬁ B:K’:'ergo’CK eﬁgquﬂgtdﬁ; fcumgq; - |
habeat'angulit CB K retii: quadratii erie
CK8t quidem,quod fitex C B.[Eandé ob
caufam‘quadrati eft F H,eflq; 2quale illi, -
quodfitex A€: funtergoCK,HF qua--
) drata; zqualisg;, quadratis ipfarum A G,
kprop.#30 CB.-Et £ cum AG, EG =zqualia fint,
fitque A Gidyquad AC,CB ¢ontinetur,
funtenim CG, CBaquales: ergoEG
zquale eft contento A C,- C B: igitur
A G, GE zqualja funtbis AC, CB
5 con-

ot

|

|
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conténto. Suntverd & CK, HF zqualia
quadratisipflarum AC,CB : ErgoCK,
HF, A G, GE #zqualiafunt quadratisi-
plarum A C,C B; & bis A C,C B conten-
to:fed CK,HF,AG,GEtotum A Ecgn-
flituunt, quadeftiplius A B quadratum, .
Ergo quadratiiipfius A B zquale eft qua-
dratisipfarum A C,CB,& re&angule his
A C, C Bcgntento, - Quod oportuit de-
moaftrare, ‘ o

Corollarium,

Exhis manifeftum eftin quadratis fpa-
ciisillaqua cilrca diametrum funt, qua- -
drataefle, ., L

: Propol.s. Theor.s,
Sirellalineafecitur in aqualia, & in -
inaqualia, eritreitangulum inaguali-
bustotiiu partibus comtetum vna cum
quadratolines, quainter feitionesin- .

seriicitur aguale eiyquod adimi- . .

- d‘dﬁt’m"t‘,o :

R E&a A Bafeceturinzqualiaad Ciin aprepaene
inzqualiaad D. Dicacontenti AD,
D B retangulum cum quadrato quod ex
CD,¢quale effe quadratoipfiusCB,5 De-
feribatur enim fuperBCquadrati CEFB; bprep. 464
- ‘ Es &
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40 &ducatur BE;c atq; per D viriq; CE,BR*
o £01 ducatur parallela 131 G : per Hvero vtriq;
CB, E Fparallela K O. Rurfusqueper A -
vtrig; CL,BO parallela AK;& cum com- !
dprop.43.1 plementa C H;H F dzqualia fint,fi adda- -
) tircommune D O; erittotum CO, toti -
D F gquale.Sed C O gqualeeft ALsquod °
ot o &ACipfiCBfie

A G D B pguglis: eritigi- »
L¥ Y wur & ALipfi ¢
™ ° D-Fequale: fi
s addatur comu-

i B & ¥ pneCH,eritAH
iplis DF, DL zquale: fed A H, contento -
eCoreld. 4. AD,D B eft 2quale; ¢ cft enim & D Hipfi °
»7%-3- DBequalis:FD, DL sutem fritgnonton
MNX: feigognomopMN Xeft 2qua-,
lis AD, D B contento.$i L. G commune,
quod cft zqualequadratoex CD, adda«
tur:crunt MN X gnomon, & LG zqua-
lia¢ontento A D, D B,&illiquodex CD-
fit quadrato.Sed gnoemon MN X, & LG wr .
hwent torum CEF B:quadmum ,ql]()d eft qua-
. dratumiex CBiergo A D, D B contétum, :
cym quadrato quod fit ex C D,zquale eft
quadratoipfius CB.Si crgorectalinea
- fecteur,8:¢.Quod opoftuide-
mommarc. ..

fax,ra

¢ i . Pro
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Propof.s. Theor.6.
Sireitalineabifecetur.eigin direiium
uedam recta adiiciatur , erit veétan-
golum , quod fitex'tota compofita, &
adiecla,vna cum quadrato dimidiz, &«

gquale quadratoquod fit exdimidia

. & adieita. -
R E&a A BbifeceturinC, adiiciaturg;
¢iqugdam B D in dire@um.Dicore~
&angulum AD, DB contentum, cum
quadrato re@z C B,zquale cffe quadrato

quodfitex CD. # Defcribatur enim fu. 227467
per €D quadratum CEF D; ducaturd;

A < B p DE&b¥perBqui- bpropgire
gemvtriq; EC,DF
4, paralleladucat BG:
£ 7o per H vero vurique
A D, EF parallela

E & F XM. IemperAv-
triq; CL, D M parallela AX. Cumi itu}'
AC zqt}alis ﬁr}edz CBjerit&A zé
quale iphi CH : fed CH ¢ zquale et ipfi ,,,p, 4,
H F:ergo & AL;¢qualceftipi H F.Coxg'x- St
mune addatur CM:dtotii ergo AMgno- das.s.
moni NX O eritzquale:fed AM eft quod ,
continetur AD, DB(eft ¢ enim D M- edefis2,

qua-
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qualisipfi D B):&gnomon N X O zquae«
liseft A D,D B contenso. Commune ad-
datur LG, quod eft zquale quadrato re-
&z CB: ergocontentum A D,DB,cum
quadratoipfius B C, zquale eft gnomoni
NXO,& L G,Sedgnemons NXO,&LG -
funtquadraium CEF D, quod eft qua-
dratumipfius CD: ergoquod AD, DB
ctinetur,cli quadrato 1pfius B C,zquale
eftipfius C D quallrato. Siergorea lie
nea,8c. Quodoportuitdemonttrace.
Propof’7.Theor.7.
Sirecalines fécetur vicumque, quod
atora,quodg abunapartismfit,vtra- .
aequadrasa , equalia funt ei, quod bis
Arora cy diciapartefityeclangu-
lo,onacam alserins partss
! gquadrate.
. » I E&aABfeceturve-
.C B »cumquein C. Dica .
quadrata , quz ex A B,
_ C B fiunt,gqualia effe bis
i AB, BC costento, &
P D % E quadrato quod fit ex.
srrop.6.1 A C, a Defcribatur enim fuper A B qua-

*otmpre- Jraum ADEB, & figura * conftruatur, .
tedentibue, : : Et
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Etquia A G,GE ¢gualia funt,fi commau-
ne CF addatur,erunttota AF, CE zqua-
lia: vtraqsergo A F, C E duplafuntipfius
AF:fed AF,CEfuntgnomonK L. M&
C Fquadratum : gnomonergoK LM, &
CFduplifunt iplius AF. Eftverociuf
dem A Fduplim bis AB, B Ccontétum;
bfuntenim, BF, BCzquales. Gnomon b df.s5.
ergoK L M,8 CFzquantur bis AB,BC
contento.Communéaddatur D G,quod
eft quadratii ex AC:gnomon ergo KLM,
& quadrata BG; G D 2quantur bis A B,
B C contente, & quadrato quodex A C,
Sed gnomon KLM,& quadrataBG,GD
funttotim AD EB, & CF;quafuntex
AB,B C quadrata.Quadratacrgo ex AB,
B Czquantur bisAB, BCcontento, &
quadrato ex A Ctfiergo, re@alinea, &ec.
'Quod oportuit demonftrare.

Propof.8.Theor.8.

Sivectalineafecetur vecamg,rectan-
gulum quater totd, & vna parte con-
sentum ,cum quadrato alterius partis,
- eguale 5t quadrato 4 totacr dicla
partesanguam abunalines
. deferipto, o
: Reca
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E&a A Bfitfe&tavicumquein C.Di-
coreétangulam quater AB,BC con-

tentum,cum eo, quod fitex A C quadra~

to zqualeefle quadrato, quod fitex AB,

.B C,tanquam ex vnalinea.Producature-

nim AB indirc@um, &{it B D 2qualis

aprop.46.1 CB; & aluper A D conflituatur quadra=
tum A E F D,&dupla figura conftruatur.
Quiaigitur CBipfis BD; GK; BD verd

a__ C B D ipfi KN zqualiseft; e~
gl runt& GK,KNzqua-
les.Ob eandem caufam,
/P [7/|®erunt PR, R O 2qua-
18| les. Cumque tam BC,
¥ H L F BD;quamGK,KNz-

. qualesfint; berfit etiam

6 prop.36.1 tam CK ,K D :quam GR, R N zqualias
fed CK,R N ¢ [unt zqualia (funtenim

€#p-43t complementa parallelogrammi CO) igi-

" tur&KD, G R zqualiaerunt. Quatuor
ergoDK,CK,GR,R N ¢qualia funt:qua-

tuor ergoilla funt quadrapliciaipi® CK.
Rurfuscum CBipiBD:BD dipliBK,

arol.g.2. hocelt,ipiCG; & CBipfi GK, hoceft,

S def. 37.'ipli G P zqualis fit, eritCG ipfiGPx-
qualis, Etcum CGipfiGP; & PRipfi

R Oequalisfit;erit & AGipfiM P& P L

kgrep.#3.+ ipi R Fzquale, Sed MP,P L funte zqua-

ha,n

M
X
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lia,quippe parallelogrammi ML comple-
menta,crunt & A G, R Fzqualia. Qua-
tdor ergo A G,M P,PL,R F funt zqualia;
quatuor ergoilla quadrupliciafuntipliys
AG,Oftenfaaué funt& CK,K D,GR,
R N ipfius CK quadruplicia:ergooQo ills
quz gnomoné S TYcontinét, quadrupla
funtipfius AK: & cum AK contento AB,
BD fitgquale, eftenim BK;ipfi BD equa-
lis,erivquater AB, BD contentum,qua-
druplum ipfius AK. oftenfuseftautém &
gnomd STY quadruplexipfi® AK.Quod
crgoquaterAB,BD continetur ¢quale et

omoni$ T Y.Commune addatur X H
?«:uod zquale eft quadrato ex AC)quater
ergo A B, B D contentum re&angolum,
cum quadrato quodfitex A C, zqualeeft
goomoni ST Y,&XH. Sedgnomon &
X H funt AEF D quadratum, quodeft
quadratium ex A D:ergo quater AB,BD
contentum reGtangulum, cum quadrato
‘ex AC, left zqualeilli, quodfitex AD
quadrato, hoceft, quodfitex AB,BC °

_sapquam ex voalinea. SiergoreQali- |
nea, &c. Quodoportuitde-.

_ monftrare.

Py ) Pro-l o
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Propofig. Theor.9.
Sirectalinea [eceturinmaqualia, & nom
-aqualia , quadrata partiii inaqualinm
Ruplefunt,Creins yguodfis ddimidia,dr
eins gisod fit alinea,quainter [¢-
Clionesintercipitur qua~
df 4t ia )
SEcctur re&a ABin
C zqualiter, in D
ingqualiter.Dico qua
drataex AD;D B du-
pla effe corum, quzex A C,CDfiunt.
_ wDucatur ex Cipli ABadangulosre@os
$propride E C,quz fitvirique A C,C B zqualis,du-
canturque E A,EB. Atque per Dipfi E}C
agatur parallela DF: perFverd ipiAB
parallela FG ijungaturque AF. Etquia
bprep.s.s. A C> CE zqualesfunt; b crunt& anguli
'E A C,A E Czquales.Et cum angulusad
epropsa.t. Creusfics e eruntreliqui AEC,EAC
vaire&ogquales,ideouefemiredti. Ean-
dem ob caufam CE B, E B C feniireQie-
runt: vadetotus A E B reGus erit. Cum-
dprop.2s. 1 ?ue G E FfemireQusfit; d re@Gus EGE
¢ft enim interno & oppofito ECB a-
qualis) n eriereliquus E F G femire@us:

orop, :g.f.‘ Ergo
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Ergo GEFipfi EF G eftequalis;z q‘uareve,,,', 2k

&latus E Glateri F G zqualcerit. Rur-
fus cum angul® ad B femirectus fie; reGus

F D B( eft enim 2qualisinterno & oppo-= fprop.a.1.

fito E CB)eritreliquus BFD femire&us,,
Eftergoangulus ad B 2qualis D FBan-

gulo.fQuare & latus BF lateri DB gquale 827 44-&3,

erit : Etcut A C,CE &qualesfint,erunt
& <¥ndmta ex A C,CEgqualia:duplacr-
gofunt quadrato ex AC: g zqualeaut
elt quadratis ex A G, CE quadratum ex,
EA(namangulus ACEreGuseft)eftigi-
turquod ex E Aduplii ciusquodex AC.
Rurfiscum E G, G Fzquales fint; erunt
& quz et E G,G F quadratazqualia : du-

hprop.g7.t

plaergofunit cius quod fitex G F:Et b z- ipropigrat

qualia eius, quod ex EF: ergo quod ex
', EFduplum eft ejus,quod cx GF quadrasi
(funtautem GF,CD ¢qualesjergo quod
exEF duplumeﬁ cius,quodexCD, Et
antem & quod ex A E duplum eius,quod
ex AC:crgoquadrataquzex AE,EF du=
pla funt corum,que ex AC;CD. Quiadra-

4 Y
dratis autemi ex AE,FF,{ 2guale & ‘quod "propg7:h

ex AF(cftenim angolus AE F teGus )er-
go quod ex A F quadratum duplum cft
coram,quz cx A C; C D' eiautem, quod
uAEZ

zqualia funt quzcx AR, DF |y
1 ’ qF ' g’.ﬁum
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fiunt(dam angalusad D re@usell)igicnr”
quzex A D, D Fduplafunteorum, qua’
ex AC, CD quadratorum (funtautem:
DF,DBzquales)ergoquzex AD, D B:
quadrata, duplafunt corum, quzex A C, -
C D.SiergoreQslinea,&¢. Quodopor-
tuit demonttrare. .. C

Propo(10.Theor.1o.

Sivectalines bifecetur, cid in rectam.
gusdam alia adisciatur,qnadtoracam:
adiects, O abadielia fiunt quadrata,
duplacrunt quadratorams , quafiunt i
dimidis, é‘:‘z&wmpaﬁta exdimi-
P : diagr adieits. .. :
RE&a AB bifeceturin C, adiiciaturg;
*NeiinreGum B D, Dico quadrataqua
ex AD,DB duplacficieéram,quzex AC;
apropar.r, CD.a Ducatur enim ex Cipfi ABad an-
bprop-st. oulosre&os CE; bfied; CEipfis, AC,CB
' E g #qualis; & iun-
gintur AE,EB;
© arq; € per E ipfi
» A D agatur pa~
: : - ' ¢ ‘ tallelaEF.Per D
C e verdipfiCE pas
* rallgla DF; & cumin paralleJas EC, F D
S : ' . iﬂci-_

eamppnls
A

T0
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Intidit BF, d eruntanguliCEF,EF D 4,000050.4
aqaales duobus rc&u.vgnde FEB,EFD fhid
duobusrc&u minoreserunt. ¢ Quaeau- ¢ angs,
tem & minoribus qua ﬁntduom&rpro—
ducontur re@z linez, concurrune: ¢
EB,F D ad partes B,D proflucte concur-
rent: concurrantinG,iun am?ueAG
Et quieAC,CEz ualcs unt,f erunt & HHrp.s.0

§ull AEC,EACzquales;g & eftan- g2erfrody
E.u usad CreGus:ergo EAC,AEG(unt:
ire@i:Eandem ob caufamCEB,EBC
femireQifunt:ergo AEB re@useft:cum-
?uc EBCfrfemire@us, b et & BBG hP"hV’. ;
emircQuseeft verd B D G re&us; s zqua. it 948
lisenim eft angulo DCE, quodfint al--
mni:rchquusc oD G Bfemire@useft:. -
uareanguh DG B,D BG zquales funts:
2 cruntigitur&lateraBD, GD zqualia X prip. 0.1
Rarfus cum BEG BfemireQus fiz ireftus] propsed
quiad F (cftenim ad C oppofitozqudlis)
crit & FEG femire@ust{uatigitar BGF,
F E G aquales, : w Quare& ?aﬂn GF,m .62
EF zqualiacsunt. CumergoEC,CA
gqualesfint; erit& quod ex EC quadra-
tum, zqualééi; quod ex A C: Quadrata
erg o u® ex EC CA, duplafunt cius,
t£2C A- llis autem,quzéx CE,
%A. naqual cft quod exg Atergoquod tprap.47-
- 4
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_exEA duplum eftcius quodex AC.Rur-
fuscum GF, EF fintzquales, erune&..
... . quzex FG, F Equadratazqualia. Sunt .
ergoquzex F G, FE dupla eius, quad ex .
opprep.#7.1 E E:illis antem, quazex GF, FE e zquale .
eft quodex EG : ergo quodexE G du-.
plum cfteius 5 quodex EF, funt autem-
-+ EF,CDzqualestergoquodex EGdu--
. plum efteius quod ex CD: oftenfum eft-
antem id, quodex E A duplum effe eius-
vodex A%: quzergoex AE, EG qua-
rataduplafunt corum,quzex AC,C D:-
pImpgraillis dutem quzexAE, EG p zquale eft.
% " quodex AG: ergoquod ex A Gduplum.
elt eorum, quz ex AC, CD ei autem:
4#71¥72 quod ex AG , 4 2qualia func , quz ex.
AD, DG:ergoquzex AD, DGqua-.
> e drataduplafunteorum,qugex AC,C D,
rove zqualesaitem{unt DG, D B:ergoqua
A D, DB quadrata, dupla funt corum,,
- quzexA C,CD.SiergoreQalinea »
e 00 bifecetary8ie. Quod oportuit ¢
£ '+ demonftrare, L

EA VI R

TG

0 " Pre-
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Propof.11.Problr.
Dasamrellanifecare, vt quodtota, &
“wmaparte continetur rectangwlum,
agualefit quadrato quod fitex:
religuaparse,

QIt data re@a A B, quam oporteat ita

fecare, vequod ex tata & vna pastium
fic re@angolum, zqualefitei, quod exal- _
tera partefitquadrato. # Defcribetur cx 277441
AB quadratum ABCD, &b bifecasur AC “/771%%
in E.iungatun_']; BE.producatur CAin F,
F_G g EF czqualisre®zBE. cpropst

d coltituatur fuper AF qua- dprepsin
Al B dracum FH, & producatur
A GHinK.Dicore@am AB
E in H fcQ@am effe,vt AB,BH
T contentum reGangulum,

€ K D gqualefitei,quodex AHfic
quadrato, Cum enim re&a AC bife@afit -
- inE, cifueadic@aindireGum A F; ¢ crit eprop.6us.
CF, FAcantentum, cam coquod fitex
A E,equaleilli quod ficex EFyfunt autem
EF,EB ¢quales:ergo CF,FA contentum,
¢t coquod fit ex A E; zquale eftilli;quod
exEB quadrato:fed ci,quod ex EB f 2+ ¢y, 4,
qualia funt,quacx B A, A E quadrata (re-
@us enim eft angulus ad A(S. ergaquod
S F3 - CF,
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CF,FA continetur,cum il{o&u‘od exAE
quadrato,gquale éftillis,§ exBA,AE qua-

.dratis; Commune quod ex AE auferatyr;

reliquum ergo,quod CF,FA continctur,
zqualceftet, quodex A B quadrato. Eft
autem CF, F A contétum,
iplumFK(gnamAF,FG

p funtzquales) Quodautem
fitex AB, cft A D quadra-
tum :ergo FK, AD funtz-
?ualiq, CommuucAIf au-
eratur ; eruntque reliqua
€KP FH,HD zqua(llia. Eft Eu-

té HD quod AB,B H continetur # (funt
enim AB,B D zquales)F Hautéeft quod
fitex A H quadratii.Ergoquod A B,BH
continetur reGangulum, zquale eft qua-
.dratoquodex A I-?: reGa ergo A B feGta
-eftin H,vt quod AB,BH continctur rect-

L5

angulii zquale fit ¢i, quodex AHfit qua-

drato, Quodfacereoportebat.

. Propof.12.Theor.11.
Intriangulis obtufangulis quadratusm
quodfit 2 latereangnivm aZtu/t}m fub-
tendente,masus 5t quadraris larersm
abtufim continentium , reitangulo bis
contentaabunolatere obinfium con-

) tincn-
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tinentidin quod productum perpendi.
exlaris cadit, &r dlincaexterins affum-

- pradperpendiculariadanguium
' .obtufum,
SI: triangulum obtufangulum ABC,
obtufum angulum habés BAC.4 Du-
catur ex B ad CA produ&am perpendi-

cularis BD. Dicoquadratumex BCma-
iuseffe eis, quzeex BA,

aprop.is.re

B AC, reGangulobisCA,

AD contéto. Cumenim

_ A reQa CD {eQafit vecii-
A quein A; B erit quod ex b2r#.2

D Czqualeillis,quz ex CA, AD quadra-
tis; & ¢i,quod bisCA, A D continetur.
Commuae addatur, quodex D B, Ergo
.quzex CD, D Baqualia funtillis,quz ex

A, A D, D B quadraris ; & illi, quod bis
C A,A D cantinetyr:fedillis,qugex CD,

DB quadratis,cgquale eft quod ex CB(eft %n;.'}-;.]
enim aogulusad KreGus)illis autem,qug ».
ex AD,DBdzquale elt,quodex AB qua, dprep.#7.0

dratum. Quodigiturex CBxqualeeltil-

lis,quzcx C A, A B quadratis, & rean-

gulo bis C A, A D cantento.In triangulis
crgoobtufangulis,8c.Quod oportuit

: demoaltrare. A

Fl* I'pl'G-A
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- _.Propofx3.Theor.rz.
In acutangulis triangulic quadratum
laterss acutum angulum [ubtendent s
minus eit quadratis acutum continen-
tibus rectangnlo bis contemto & abv-
" ma latere acutum continente,in quod
perpendiculari cadit, G alincadper-
.- pendiculariintus affumptaad an-
. ~ gulumacutum,

'SIt acutangulum triangulum ABC, ha-
apropara. I bésacuri Biaducaturab Ain BCper-
A A Pcndicularis AD.Di-

A ¢o quadratj quod fit

- ex A C minusefleillis

\Q quzfiuntex CB,BA,

A .re&angulo bisCB,|B

- c D contenta.Ci enim

B D re@a CB {e&a fit ve-
cumgq; in Db erunt que ex C B,B D qua-
drata gqualia bis CB,BD contento, & illi
quadex D C quadrato. Commune adda-
tur,quodex A D: Ergoquzex CB,BD,
D A quadrata, zqualia funtbisCB,BD
contento, & quadratis quz ex AD, DC,
Sedillis,quz ex BD,D A, quale eft quod
ex AB( eft cinm angulus ad Dlrczi:lllsi)

: . s

b7
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illis verd qug ex AD,D Cequale eft quod
-exAC, Ergoquz ¢x CB,BA,zqualiafunt .
&illi quod ex A C quadrato; & illiquod
bisCB,BD continctur %rc quodex
ACquadmtum minus eftillis,quz ex CB,
BA qua,drans, re&angulo bisBC,BD
contento, Intriangulis ergo acutangulu,
&e.Quod dcmonf%rarc oportuit, -

Propofitio 1{.Probl.z,

. Ddto rectilineo aguale quadratums
conflituere . :
'ES'ro re@ilincum A, cui oporteat ==
quale quadratum conflituere. #Fiat qprap. g1
reQilinco A zquale parallclogrammum
re@angulum B D, Siigitur BE, E D fue-
‘rint zquales,faétum eft quod petitur; erit

enim rc&nlmeo A zquale quadrat{i B D.
Si non ; erit vna-

ipfarum BE, ED
EQ maior : - Sit ma- -

erE,qu produ-

B caturin I-‘. Hatque bprap, 2.1;

FE,ipi E D 2qua-

lis, ¢ blﬁ:ccturquc FBin G, &centro G, /7104
interuallo G B, aut G F defcribatur femi-
arculus B HF, &producatur D Ein H,
. F s - du-
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ducaturque G H. Cum itaque reGa BF
fc&a fit zqualiterin G,inzqualiterin E;
dprop.s.8. Jderic quod BE, EF continctur, cum eo-
quod ex E G quadrato, quale ciquod ex
.G Fquadrato. Sunt autem GF, GHza-
quales. Quod ergoBE, EF continetur ’
" cum co quod ex G E,zquale eftilli, quod
#7047 ex G H; illi verd quod ex GH,ezqualia
*  funtquzexHE,GE quadratazergoquod
BE, EF contindtur,cum coquod exGE,
zquale eftillis, quzex HE, GE:Com-
muncauteratur,quod ex GE; & eritreli- )
quum,quod BE, E F continetur, zquale
«i;quod ex EH quadrato: fed quod BE,
EF continetar eft ipfum BD, fiquidem
EF, E D funtzquales: parallelogrammi
ergo B D gquale cftei quod ex HE qua-
- drato: Eft autem B D zquale re&ilinco
A:ergore@ilineum A zquale eft quadra-
toex E Hdefcripto. Datoergore&ilineo
A zquale quadratum conflitaimus,
id nimirum quodex EH.
- Quodfacereo-
. portuit.
- (0)s0r -

R0

LialIIL
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Definstiones.

1. Zquales circulifunt, quorum diame-
tri funt zquales ; vel quorum qua
ex centris funteguales.

2: Re&a linea circulum tangere dicicur,
quz contingens circulum , & pro-
du&a ipfum non fecat. nfigura
Pprope[ 16.linca A E tangis cirewlums
ABC. I718.8219. DE tangircires- .
lum ABC.

» Circuli fe tangere dxcuntur,qm feipfos
contingeates, fe ipfos non fecant,
Girenls fé contingmns ant snverins , Ut
propef.6cirenls ABC, PECsantex~
verini, pnpgf 12, cir¢uli B AC,
P4E, -

. 4
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4+ In circulo zqualiter 3 centro diftare
 dicunturjre@= linez, cum d centro
ad ipfas perpendiculares duGtz -
quales fuerint. V¢ propof. 14. lince
A B,CD dcentro E, aqualiter diffant

q#0d E F,EG fint aqualcs.,

§- Magis diftare dicitur, in quam maior

" perpendiculariscadit.

¢. Portic circuli, eft figuraqua reQa li-
nea & circuli circumfereatia conti-
netur, Ve snprimapropoffunt portig-
nes ACB,AE B.

7. Portionisangulus eft,qui re@alinea,

. & circuli circumferentia contine-
tur. Vtinprima propof. [unt anguli
C AB,E AB,reila AB, & perspheriss
CA,EAcontent;,

$. In portione angulus eft, cum in cir~
cumferentia portionis acceptum

* punétum fuerit, & abipload termi-
nosrez linez,queeft bafis portio- -
nis, iungunturreétz , angulus in-
quam hisre@is contentus. V¢ in 26,
Propof- angminmi E D F cft sn portione.
EDF.: L .

9. Quando vero linez angulum conti-
nentes, afflumunt peripheriam,in
illa infiftere angulus dicitur, Vzin

. Pm‘
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1 ’r’POj:27a g‘b‘l E Dm’@ifﬂfl—
« pheri#EF.- .. - .+ 5 .
10. Se&or circuli éft, quandoangulusad
" centrum-circuli confliterit, figura
contenta rellis lineis angulum cd--
rehendentibus, & periphéria ab-
ipfisaffumpra. Ve inpropof. 27 feller
" dicitwr figurd EHF, : .
31, Similes circyli portionesfunt,queca~
' piunt zquales angulos, autin qui
busanguli zquales c_oinﬁ&unt.f )
Propofitio 1.Probl.r.’ | -
Daticirenlicentynm inneniré.),
X3 Stodatus eircu-
A ~lus ABC, cuius
cétrum inuenire o-
porteat, Ducatur'
| quzdam re&a linea
ABvtcunque, bi- 5.5 s,
% feceturqueinDjat- ,
que per Dipfi AB
ad b angulos reQos bprep.es.s,
- erigatur DC, £ QuZ ¢ ppp0 4,
glod'ucamt‘ in E, & dbifecetur CE in F. dprop.1o,t.
Dico F centrum effecirculi ABC. Sinon;
it, i fieri poteft, G, ducanturque g g,
- - ]
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GD,GB;&cum A D, D Bequalesfint,
e 2. 1. communis D G; ceruntduzAD, DG,
. duabus GD, D B zquales, altera alteri;
fprop.8.0.f & bafis G A zqualis bafi G B ; funt
enim ex centro G: g ergo & anguli
ADG,GDBzqualeserunt: Cum au-
tem recta fuper re@am confiftens angu-
. los deincepszquales fecetit, reGus erie
- vterqueangulorii:reus efgoc G D B;
fed& F D B re@us cft;eft ergo angulusy -
F D Bzqualis angulo G D B, maior mi-
nori,quodieri nequit. Non ergo G cen-
trum eft. Similiter oftendemus quod pre-
ter F nullum aliud: F ergo echtrum efts

Qued inuenire oportuits . - ...,

- Corollarium.

" Extis manifeftumeft, fiin circulore-
&aquzdam re&am quandam bifariam,
& ad’angulos retos fecetyin fecantecen
trum circuliefle. o

" Prapofitio2. Theor, 1.
Siingirculi peripheria duo pinits abe

. espiantyr, reciaslaconiungens
intracireslumcadet. .
Sto circulus ABC, &in eius periphes
A riaaccipiantur quaecunqueduo pun-
®a A,B. Dico re&am; quzex Ain B ﬁu-
‘ . citur
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citurintracirculum cadere. Si non : Ca-
® day,fifieri poteﬂ,cxtra. vt AEB, &acci-
piatur centrum citcoli A BC, quod fit D, -
ianganturque D A, DB, & producatur
¢ .. DFinEQuiaDA,
. . agqualiseltipGDB; , 4pr
b erit &, angulusbprep.gn
DAE angulo DBE '
zqualis; cumq; tri-
anguli DAE viium
?tus—A E proda&ii
1tin B, ¢ eritangu-
lus DEB maior?ll\-cm'“"'
guloDAE:zquales
- funt:auzems anguli
DAE, DBE,maic:{r ergd et DEB an-
lus quam D BE ; d maiot autemangu~ 4 sppp1,
lg\:lsma(ilurla'tus fubrendit; maius er bsfm {‘ {\ Vs
DBlatos;quam DE:ear D B ipG IXF 2-1¢ defir s
quale eft; maiusergo eft DF, quam D E,
minor maiore,quod fierinequit: Non er-
go quz ex AinB ducitur extra circulum
cadit, Similiter oftendemus quod necin
* ipfam peripheriam ; cadct ergoextra.
Siergoin circulo, &c. Quod
oportuitdemon- N
i : ftrare.
’ e o
= Proa

(&8
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Propofitio 3.Theor. 2.

i in civeulo veila quedam linea pey
centrum duila, rectinan percentrums
aullam bifecer , & ad angules recios
ipfam fecabit : Etfi adangulosre.-
étvs ipfam feces bifariam
 guog,feeabis.
Sto circulus A BC, & re@a quadam
C D per centrum, rectam quandam

~ AB non per centrum duam bifecerin
F. Dico quod & ad angulosre@osipfam

T
.'"’.:-b

bdefron; ;

fecet. Accipiatur enim centrum E,ducan-
turque E A,E B, Cumque AF,F Bzqua-
les fint, communis FE; eruntduz A F,

-F E dusbus FB, FE,zquales bafifque EA,

bafi EB: #ergo & angulus A F E angulo

-BFE zqualiserit. Cum autem reCa fu-

per re@i confiftens
angulosdeinceps ¢-
quales fecerit, b re-
Qus erit vrerque 2-
qualium angulorii:
vterque erga AFE,
BFE re®userit: er-

v, ' g CDpercentrum
duQabifecay AB nian pet centrum dudla.
’%wuz,clﬁw’m-ﬁ‘rkw Sed
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SediamC D ad angulos reQos fecet ipfsi
A B; dico &bifecareipfam, hocelt, AF,
F Bzquales effe. iifdem conftru&is, cum
EA, EB zquales fint ; ¢ erunt & anguli éprepigurs,
EAYF,EBF zquales : eft autem reQus o
AFErcto BFE zqualis ¢ duoergo tri-
angula EAF; E FB,duos angulos duo-~
bus angulis zquales habentia,& voum la-
tus vailater,aempe commune EF,quod
;ni zqualium angulorum f{ubtenditur,
habebit & reliqua latera reliquiszqua- 4,9, 4¢.
lia;zqualesergofunt AF, FB.Sier qoit'x Frpacs
dirculg, 8c.Quod oportuit demontftrare,
Propofitio 4. Thecr. 3.
S5 inxivculo duc yeila hineaft mutad
Jexent.non per cemtyumdniiafe -
- bifariams won fecabuns. .
: Sto circulus

D cog; duz reGz
AC,BDnbper
centrum du@z,
fe invicemin E
fecét.Dicoquod
: fe bifariam non

fecent. Sifieri poteft, febifariam fecent;
fintq; X AEE C;&DE.%E xquales; &
c. [




o3 Lree Ifl..
accipiatur centrum F ducaturq; FE.Com
ergo reQa quzdam F E per centrum du-
... a,reftam quandam A C non percen-
#2r993.3. trum du@am bifecet, ad reCtos #angalos
ipfam fecabit: angulus ergo FE A reGtus
eft. Rurfis cumre@a F K, reGam quan-
dam B D non per centrum du&am bife-
bprop. 3.3 cerad b angulos re@os ipfam fecabit ; re-
Gusergoeft FEB. Oftenfusantem eft&
¥E Arcltus: érgo FEA,2qualiscft FEB,
v x40 F minormaiori, quod fieri nequit: noner-
go AC,BD fe bifariam fecant. Si ergo
1 circulo, &c. Quod oportuitdemon-
ftrace. .~ - Sl

' Propofitio 5. Theor, 4.
Siduo circuliféimuicem fecuerint, non
erit ipforam idem centrum.

. : . N Yocircu-
‘ li“ABC,
CD G}g"inui.
g «€ fecent in B,
& CQ dicoipfo-
rum non;‘&: i-
dem centrii. Si
P B el EftoE,iun-
- gatur EC; & ducatur EF G vtcunque, Et
adefasn quiaE centrumeftcirculi ABCyuerit EC
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wqualis EF. Rurfus quia E centrum eft:

circuli C D G berit& EC wqualis E G bdeisite
Oftenfa cft autem E C 2qualis EF. erie

igitor EF 2qualis EG, minor maiori.

Quod fieri nequit. Non ergo E dentFush
eftcirculorum A BC,C DG Siergoduas
circuli,&c. Quod oportuit demonftrare.

. Propofitioé. Theor.5.  °
Si dwo cirewli interins [¢ contipgant;
<o+ momeyisillerumidemscen- . -
trum. . . *
VO circll
LJABC,CDR
“fetangitinteriusin
C.Dicoilloramad
effc idem cegtrum.
/ Sieft: EfoF . iun-
s % gamrque FC, &
AT ' ucat?zr FEB vt~
cunque: Camergo F centrum fit cicculi
ABC,derit FC zqualis FB. Et cum F g defi s
‘centrurm etiam fit¢irculi CD E,berit F C bdefiusg
-gqualis F E: demonftrata cftautem & FC
zqualisF B:ergo F Exqualiseft F B, mi-
* *nor maiori ; quod fieri nequit. Non ergo
F oentram eftcicculoruw t‘é BC,CDE.
e 2

‘e




p
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Siﬂ'goduoctrcgh.&c.Qbod demonftrs-

SR -uoPortmt.

“Propofitio. Theor.6.

i in dismetro civenls accipiatur pm.
Enoaguod centrum non [it,ab eogue_»
incirculum eadant reiie q:udam,wn-
xima eritin qua eff centyum; minima
reliqus. ‘aliarum vers propinguior eiy
quzper centrum mmf t remotivre s
Jemper maior eft:Dive antem tantums
} qtuk: Apunctoim circulum ca-
dens advtrafgue parses
t[fmmzmmc. ’

STo cxrcu\!ns
" AYABCD, dia-
¢ metrus cius AD,
‘i g a fumatur
punttum quaduis

: F5 qued centrym
7 0oy fit,. Centrum
L. : 904 fitE: Cadane

' _ab. F ad circulum
-te&t quadam F B,F G,F G. Dico maxi-
anam<fi¢F A;minimam F D:aliacum EB

-maiorem,quamF Ci& F Cmaiorem qui

" FG
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F G.iungantur cnim BE, €E, GE. Et
quizomnis trianguli aduolaterareliquo sprapussns,.
maiorafunt,erunt EB, EF maioresBF;
Eftautem A Eipfi B E zqualis; funt ergo
BE,EFzqualesipfi A F;maiorigitur eft

AF quam BF. Rurfus cum BE,CEa»-
quales fint communis EF; erunt duz BE,
E F,dusbus CE, EF zquales: fed angue -
lus BEFE & maior eft angulo CEP: crit bas.o}
cigitur & bafis B F maiorbafi CF. Ean- ¢prop. 244
dem obcaufam maioreft CF,quamF G, .
Rurfuscum G F, FE maiores fint quam
EG ;& EG,ED zquales;erunt GF,FE
maiores quam E D ; communisauferatur
EF;dreliquacrgo GF,reliqud FD ma- das. s,
iorerit. Eft erge F A maxima; minima

D Fimaiorautem FB, quamF C, & hze

maior quam F G. Dicofecundo,quodex

F duz tantum zquales ad circolum ca-
dantvtrinqued minima PF.sConflitua- eprop.22.4
turenimad Ere@zEF,angulusFEHe-

qualis angulo~G EF, ducaturque FH.

Cum ergo GE, E H zqualesfint, com-

munis EF erunt duz GE,EF, duabus

HE, EF zquales,angulufque GEF, an-

Eulo HEF zqualis: figitur & balisF G fprep. 4.0,

afi F H erit zqualis. Dico tertio, quod
ipli F G nulla alia zqualis ex F ad circu-
<Lt G3 lum
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A - lum cadat,Si enim
cadit; Cadat FX.
. Cum ergo vtraq;
E Fx,nrlig?pﬁ FG
C itzqualis; g eric &
S F Ki!pﬁ F l-% zqud-
. \ lis : propinquior
ergaci, queeit per
o - F . _centrum, xqualis
o eft remotiori, quod fieri nequit. Vel fic.
Ducatur EX.Cum ergo GE, EK 2qua-
hDefrs.  lesfint , communis F E,item b bafis GF
iprapdr. bafi FK 2qualis;ierit & angulus GEF
sogule KEF zqualis: fed & E F zqualis
eftanguius HEF ; ergo& HEF aqua-
lis erit ipfi KEF,minor maiori,quod fieri
pequit. Non ergo ab F plures vna ipfi

G Fzquales ad circulum cadunt, Si
‘ ergoin diametro,&¢. Quod
SRV . eportnit demon-
firare,
«0§(0)ser

Propo-
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Propoficio 8. Theor. 7.
Siextracirculum ascipiatnr puncium,
ab eogue ad circnlum ducantur recie
quadam linca, quarsm vna per cen-
trumtranfeat,reliquavt libet. Earums
guidems,quain cauam peripheriamca-
dunt,maximact,quacfl per centram:
wliarum verd propinguiorei, que per
centrum ,remotiore [emper maior est.
At carum, queincontiexam pexipheri-
ams eadunt minimacfl, queinter pun-

Tums & diametrum inserijeitnr salia-

rums verd , qua propingsier minima
femper remotioreminor . Dua auté
tantum aquales & puncio in circu-
 lumcadunt advtrafg per-
- tesminima.
ESto circulus A B C, extra quemacci-
piatur pun&um D, ab iplog;ducan-
tur reGz quedamad circulum D A, DE,
D P; D C.duraturque D A percentrum.
Dico quod cadentiumiad cauam periphe-
riam A EP.C maxima fit, quz per cen-
trum tranfit, D A; minima, qua inter
puatam D, & diametrum A G interijci-
. G 4 . tury



104 "LIBE R 111
tur,queclt D G; maior autem DE,quam
D P,& hee maior quam D C. Baguto ve-

- AD

ro quz in conueyam
peripheriamHLKG
cadunt [emper pro-
pinquior MINIM £
D G, minar eft re-
motiare,hoceft;DK
minor eft quam DL,
& hzc minor quam
DH.Accipiatur cen-
trum M, iungantur-
que ME,MP,MC;
MH,ML,KM. Et
cum AM,EMs 2.
quales fint,communis addatur M D, erit -
que A D zqualis verifque EM, M D; fed
byrgp.20.2, EM, M D dmaiores funt quam ED: er-
go& A D maioreft quam E D. Rurfus
M E, M P zqualesfunt, cdmunis addatur
MD; eruntq; EM, MD @quales ipfis PM,
_ MD:fed angulus EM D maior et angulo
cprop,ae-1. PM D: eergo & bafis E D maioreftbafi
P D.Similiter oftédemus P D maiosééfle
CD. Maxima ergoeft D A; maior DR
quam DP,& D P maior quam DC,Cum+
dprop 205, Que MK, K D 4 maiores fint quam M D;
cans, &M G zqualis MK; seritrcliqua K
oo - maior

"‘ﬁ"ﬁ
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maior reliqui GD:Quare G D minor eft
gaam K D, eft enim omnium minima.Ee
quialinear MK,KD a terminis lateris MD
ingra triangulum ML D conftitutz funt,
[ eruntillz mineres quam ML,L, D:funt fprgpar.w
autem MK, ML zquales: ergo reliqua
DK minorcft, reliqui D1.. Eodem mo-
dooftendemus D L mirorem effe D H.
Minimaergoeft DG; minorautem DX
.quam DL,& D L minor quam DH. De-
indedico, quod & pun&o D tantumi duz
aquales. in circulum cadant ad vtralque
partesminimz. ¢ Conftituaturad M li- grtep.3 a8
nex MD angulo KM D 2qualisDMB,
ducaturdue D B.CumergaMK,MB 2-
quales fint, MD c5munis;erunt dug KM, .
M D,duabus B M,M D zqual¢s,altcraal-
teri, funtvera & anguli KM D,BM D 2- .
quales, b erume igitur&bafes DK. DB hprep. s,
zquales. Dicoternare&zD K i punto
Dadcirculum 2qualem aliam noa cade-
ve,Sienim poteft, cadat DN. Comergo
DKfezqualis DN; &ipfi DX 2qualis
D B; erits & D Bipfi D Nzqualis, pro- isxs
pinquior minimz remotiori, quod fieri
non pofle demonfiratum eft, Alfiter, Du«
ﬁtuﬁM N. CumigiturK M, zqualisfic
Nicommunis M D,& bafis D K 2qua-
s G § lis
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lisbafi DN, £ erit& angulusKMDan-
gulo D M N zqualis: fed KM D zqualis
eftanguloBM D :ergo & BM D zqualis
eritN M D, minor maiori; quod fierine-
quit:Non ergopluresquam duga pun&o

- Dadcirculum A B C zquales ad vtrafque

partes D G eadunt; Si ergo extra circu-
Jum,&c.Quod demonftrare oportuit,

Propof 9. Theor.8.

. Siintracircalum accipiatur paniinm,

abeogucad circulum plures quam dua
equalesyellacadant erit acceptum
puniiumcentrumciyonki.

ESto intracitculum A B Cacceptum
A~pun&um D, ab eoque ad circulum

. A B Cplures quam duz reGz zquales ca-

L dant,nempe DA,
a EN\ ¢ DB,DC.DicoD
/) centrum effe cir-
culi ABC.iung3-

3 $——Gtar AB,B C.bife-
. 9 centurquein E&
A I B ,F’&iun&:ED,

o DF.producansur
o N : .inG’,l(:&I"I,I.J-i
Cumergo. AEzqualisfitE Baomméulx)is
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¥ Dieruntdug A E,E D,dusbus BE,ED

gquales; eft 4 verd & bafis D A bafiD B a ex bypes.

#qualis: eritd igitor &angulus AE Dan- th¢f.
gulo BED aqualis: ¢ reQus ergovterqs :z,.",::'
eft;fecat dergo G Kipfam AB bifariam, & 4 ,,,',_ ,;.'
ad angulos re&os. Etquia, ¢ quandoin ccorprop.|
circulo re@a re@am fecae bifariam &ad 2.3,
angulos reGos , 1a fecaate centrum cft
circali, eritin GK centrum circuli ABC.

Eadem ratione centrum eritin HL: &
nullumalind commune pun@Gumhbabens
re@zG K, HL przter D:eftergo D cen»

trum circuli ABC.Si ergointracirculum,
. &c. Quod oportuitdetnonttrare,

- Mliter, ,
INtra circulum ABC fumator pun&um
» abeoquead circulum plures quam

. duzreGz zqua=
9 les cadant, DA,

- \. DB,DC.DicoD

N——2 %t g effe centrumcir-

-enli ABC. Sinon
eLERoE, &iiiv
~ - &3 DE produ-
- ABC aurin F&G.,
# Eftautem F G diametrus circuli ABC. 3 4fipng

Cum ergoin diametro F G acceptumfic
pun«
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pun&um D, quod centrum circulinon
barep. 3. eftib erit D G maximay;maiorautem D G
quam DB, & DBmaiorquam D A; fed
& zquales funt ; quod fierinon poteft. E
- ergocentrum circuli A B Cnon eft.Simi-
licer oftédemus quod prater Daliud nul-

hum:D ergo centrum eft circuli.

Pfopo‘fl o.Theor.p.
Circulus cirsulum in pluribus, quam
Auobus punilis mon fecat.

SI fieri poteft fecet circul* ABC circulia
DEFin pluribuspunisqui duob’,v¢
. in Bp G’F’HQ
 iun&eq;BG,

B He«bifecé-
turinK &L;
LiRpatq; exK, &
L ipﬁs B G,'
BHad b an-

1 gulos rectos
C duétz K C,

; S LM,inA%

" Epreducantlr.Cliergoin circulo ABC

recta quzdat AC,rectam quandam BH

epry.34. bifariat, & adangulosre@os fecet,¢ erit
« in ACcentrumcirouli ABC.Rurfuscum.
ineadem cicculoA BCre@aquediNX -
: reCtam

opropute.s.

F

bpropany,

¢
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re®am quandam B G bifaciam & ad an-
gulosre&osfecer, d eritin N X centrum dprep3. 0
circuli A BC, Demonftratum autem eft
quod & in AC:arquiin nullo alio pun&to
re&z A C,N X concurrunt , quamin Ot
eftergo O centrum cireuli ABC Simili-
ter demonftrabimus centrii circuli DE F
in O effe:duorum ergo circuloram ABC,
DEF feinuicem fecantium idem eftcen-
tram O: ¢ quod fietinequit. Non ergo eprp.s.p:
cirguluscirculym, &e. - - -
. Aliter, Circulus ABCcirculum DER,
in plaribus duam duobus punéis feeet,
vtinB, G, H, F, Accipiatur circuliABC
: centrum Kjjun.-
nturque X F,
' gG, KqB.’ Cum
ergointracircus
lum D EF acce-
“ptum fit pun&it
K, sb coue ad
ot son &7 circalum DEP
eadant plures qui duz re@tz zqualesX B, s
KF,KGaeritK centrum circuli D E F: aiprop. g0
fed eftetiam centrum circuli ABC: Duo-
rum ergo circulorum fe fecantium idem
sft ceatrum; b quod fieri non poteft.Noa 9. 550
ergo circulus cicculum in pluribus q;am '
: uo-

KR
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duobus pun@is fecat. Quod oportait de-

monftrare,

- Propof:r3.Theor.1s.

Siduocirenlifeinterins contingamt ye-
dialinea corameentra coniungens , fi
producatur,cadetincontaitum
circalorum.

Vo circuli ABC, A D E interius fe
contingantin A. Accipiaturcirculi
quidem A BC centrum F; circuli verd
A - ADE centrum' G}

/ Dico quod, quzex
Gin F ducitur, fi p-
ducatur, in contas
Gum cadat. Sinon.
€ Cadatalid,n FGD
_H,iunganturq; AF,
Lo AG.Cumergo AG,
G F amaiores fint quam F A,hoc ef_l':aui
(]

J

M3t B H (zqualisenimelkF A, ipfi FH,
" _nim verague ex centro)) auferaturcom-
munis FG : reliquaergo é G ‘t'n(a}itg ;nt

. reliqud GH:eftautem AG,ipfi x-
beoss quacl]is:criz ergo G D maioripfa GH, mi-
.mor maiore. quod fieri non poxeft, Non

crgo
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ergoquz ex Fin G ducitur, extracenta-
@um A cadet: Ergoinipfam, . ‘

Aliter. Cadat vt GFC, quzinHpro- . |
ducatur,iungantur; AG, AF. Quia er~
0AG, GF ¢ maioresfunt quam A Ft cprep.10.8
ed A F d zqualiseft C F,hoceft, FH: ddefors,
communis auferatur FG; eritque A G,
quam reliqui G H maior:hocelt, GD
maior erity quam G H; minor quam may
for; quod ficrinon poteft. Idem abfur:
dum demonftrabimus fi maioris centrum
fit exeraminorem circulum. Siergoduo
circuli,8c. Quodoportuitdemonftrare. .,

Propof.1 2.Theor.11.

Siduocircalifef¢ exterins contingant
rellaipforumeentraconiungens -
per cowsaiium tran-
- fibit,
Vacireuli ABC, ADEtangantfe
exterfusin A.accipiantorque circu-
lorum centra quz fint ¥, G. Dico, quod,
uz F, Giungit, per contaGum A tran-
eat. Sinon: tranfeat, fi ficri poteft, ve
FCDG; &iunginter AF,AG. Cum '
igltuthentrum fit circuli ABC; # erit | defi1g]
A, zqualis FC: Excum G fitcentrum
: ; circus
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citculi ADE, erit& G A ipfiG D 2quas
lis. Oftenfa cft autem & FA zqualis F G}
SuntergoFA, AGipfis F C, DGzqua-
les. QuaretotaF G maioreritipfis F A,
bprapaaes. AGied &b minor eft:quod fieri non po-
teft. Non ergo queex F in G ducitur a-
liorfumi quam per A conta&um tranfic,
Siergoduocirculi, &c. Quodoportuit
demonftrare. o .

 Cireslus cireslumin plaribwpw
VR0 nom Langis, fucinterins,
fine exteriue tam~ :
g‘rc S ) ..' N
SI fieri poteft , tangat primo circulus
ABDCcirculum EB K Dinterinsin
pluribus quam vno punétis, vtinB, D:
' &

Propof.13.Theor.13.

3.
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& fumsrur circuli A BD C centram G
circuli E'B F D centrum H: ergore@a
centra G, Hiungens 4 cadetin contattus aprep.n.z.
B, D;cadat&BG HD.Cumigitur Gfie
cécrum circuli AB D Cjerit B Gzqualis
ipli G D;maiorigitur et BG quam HD:
multo ergo maior BH, quam HD, Rur-
fus cum fit H cenctum
circuli EBF D,2qua-
~lis erit B Hipfi HD:
" oftenfaeftautem mul-
\ toillamaior,quodfie-
D rinequit; Nonigitar

cireulus. circulum in-

r—! terius pluribus quam

vno pundo tangit.Dico quod neque ex-

terius. Si énim fieri poteft, tangat circulus

A CK circulumABD Céxrcriusin plu-

ribus pun&is vao, vtin A, & C, iungan-

tur§ue A, C.Cum ergo in peripheria cir-

culorum A B D C, A C K acceptafint

uzcunque pun&a A, & C, # cadetre@a "1,

;}la coniungens intra vtrumque circu-

Ium.Sed cadit quidé in circulam ABDC;

extraverdcireulum ACK. & Quodeft bprop. 7.

abfurdum.Noao ergo circulpscirculiex- =
train pluribus pundis vyno tapgit, often- .
o H fum



(7} TIBER ML
fum eft autum quod neque ineetins:
Circulus ergo, &c. Quad oportuit de-

“ .- monftrare.

~ Propofi14.Theor. 3.
In circulo aquales rece linea djﬂdli,
tey dcentrodiffant.Et, qua aqus-
 lditer acentro diffant,a-
" gualesfunt,

SVnto incirculo ABDCre&z A B,
spropasa. JC D, zquales. Dico eas zqualiter 3
- eentrodiftare.Efto centrum E, 3 4 quoad

B el - reQasAB, CD per-
pendiculates ducan-
tur ER,EG, &iun-
| gantur AE,EC.Cum
- ergoreQaEF percé=

- trum du@a, reGam
S - quandam A B non
bprop33. per centram du®am, ad angulos re&tos
fecet’; b & bifariam eamfecabit : zqua-

. ., lesergofunt AF; F B: ErgolA B dupls

d defmir. eftipfias AF. Obeandem caufam et CD
busme.  duplaiplius CGirmqualesergofunt A F,
cax7.  CGicumigitur d&AE, F.Cqu;_als
' ' mt,
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fint:e erupt Byquadrataipfarum AE,EC
. ¢qualia.Suntautem i quadrato fquod.cx £ prup,p7.1
A E,zqualia que ex, AF,EF (eft enitm an.
gulusad Freétus ) giautem, quod ex EG
mqualia funs,quesx EG,GC (nam &an-,
gulusad Gre€tusefl.) Sintergo quzex
AF,EF zqualiajligque ex C é..G E.Ca
ergo quod ex A F, zquale fitilli, quod ex
@C(%unﬁnimﬂ;l'gﬁ G zquales)erit &
reliquum , quod exF.E, roliquo quad ex
E G,z@ug,lg:{qg‘gqgo EF,EGequales. g1
£ Incirculoauté zqualiter a cencro abefle el 44
dicontur re@z, quando perpendiculares
- exceaproddipfasdu@z, zqpales fugsint.
- Sediawdiftent A B,C D zqualicerdcen- -
. tgo,haceh EF +EGfintzquales. Dico
- AB,C Da2quales efleiifdem conflradtis,
- demonfirabimus) viprins, AB duplam
- effeiplius AF;& CDipfinsCG. Cum- | |
- §wrAE, CEzquslesfint;erunt &earum .
- @uadratazqualia, b, Suntverdei, qued hprep.e72
- ex A Ezqualia,qug ex EF,FA:8cei,quod
- exCE,illaqueex EG,G C: ergoqueex
- ERFAuntillisqueexEG,GCaqua- .
- Ba. Cumantemw eiqgod exE G zqualefic
. quod exEE(funtenimEG, EF equa-’
s Ips)erit & r¢liquum,quod ex AF,reliquo,
vl s -Hoa  .quod,
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quod exCG, zquale, zquales ergofint
* AF,CG.Eftautemipfius A Fdupla AB; .
& ipfius C G dupla CD;'zquales-ergo
funt A B,CD.In circulo érgo zquales re-
&z, &c, quod oportuit demonfirare.
- Propofirs.Theor.r4.
Incirenlo maximaestdiametrus: alias:
" yumverd [emper quepropingmsor
" effcestrovemotiorema.
' jore. " "

Stocirculus ABC D, cuius diameé<
trus AD, centrum E§ propinquisr
diametro B C,remotiorfit F G.Dico ma’
AR ximam effe; A D,maio>

: rem BC,qui F G.4Du®

1+ cantutemn i centroad
" BC,FG perpeéndicila~
res EH,EK.FtquiaBC
propinguior eft centro,
remotior FG: § maiof
:‘::: % erit EX,quamE H. ¢ Ponaturipfi EHed
d;,,;f 1.1, qualis EL; &per L 4 ducatur ipfi EKad:
angulds reftds L M; quadudtaio Niun-
santar EMLE N, E F,EG.Com ergoEH
1pfi EL fitzqualis, ¢ erit& B CipiM N
xqua-

aprop.tn.t
¢
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squalis. Rurfuscum AEipiEM;ED
verdipi EN fitequalis; erit& A Dipfis
ME,NE zqualis:fed fME,NEipfaMN
maiores funt: eritergo & A D maior qud

MN.Etquiaduz M E,E N, dusbus FE, £prap, 205

E Gzquales funt; angulus verd MEN
maiorangulo FEG: g erit& bafisMN

maior bafiF G:fed MN oftenfacR 2qua- gyrep 148

lis B C:ergo & B Cmaioreft quamFG.
Maxima'ergo cft diametrus; maiorBC
quam F G, Siergoin circalo, &¢. Quod
oportuit dcmon%lrar -

Propof.16.Theor.1 .

Quadiametroadangulos rectos abex-
sremitateducitur, extracirenlumca-
dit. Etin lock, quiinter reilam lineavs
& peripheriam interiicitar, aliareita
won cadit. Et [emicireuli angnlusomni
acwro reclilimeo maior e, reliquis -

‘ autem minor. '

L Sto circulus AB Ccircacentrum D,

& dismetrum AB.Dicore@1 lineam

~ ab A ipfi AB ad angulos re@os du@am
| extracirculum caderc.Si non:cadat,fi fie-
i ﬁpoteﬂ.in_"'lo vtAC ’ &iungnmr D C.
Co H 3 Cum
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- - CumFrgoD AfitzqualisDC,erit&an>

gulus D A C angulo ACD zqualis: eft
autemD AC¥ re®us;
reGtusergoerit& AC
P D: funt ergo D AC,

* gx kype.

thef

UL S I |, nequit:Non ergo que

"ab A pun&oipiBA

A C D duobus re&is '
#quales, 4 quod fieri |

adangulos r¢Qos du- |

citur, intra circulum

cadit. Similiter oftendemus quod necin
peripheriam : erFo extra cadit, vt AE.
Dicofecundd,inlocum inter AE,& peri-

pheriam CHA interieGum,aliam re®am

non cadere. Sipoteft: Cadat,v¢F A, du-

caturque ex D ipfi F A perpendicylaris

DG. Etcumangulus AGD re&usfit,

barop.s2 2 b minor re@o D AG; ¢ erit AD maior
crropt5t quam D G : eft autem D A zqualis ipfi
D H;maior ergo eft D H,quam D G,mi-

nor maiore; quod fierinequit. Nonergo
inlocumre@a AE, &peripheria CHA
interceptum,aliare&a cadit. Dico tertio

angulum femicirculi re@a AB, & peri-

. pheria CH A contentum, emni acuto
reQilineo maiorem effe; reliquum verd
peripheria CHA, &re@d A E conten-

. . tum,

-
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tum, minorum, Signim cftaliquisangu-
gulus maior contentore&iB A, &peri-
pheria CH A ; minor vero contento pe-
riphetiaCH A, & re@3 A E, cadetinter
peripheriam CHA, &reGtam AElinea
reta, qu faciatangulum majorem re&d
B A,& peripheria CH A contentum(qui
re&is lineis contineatur ) minorem verd
peripheria CHA, & retta AE conten- -
tum:at non cadit. Non ergo eritangulus
acutus reis lineis contentus, qui maior
fitangulo re&aB A, & peripheria CHA
contento;neq; minor,CHA,& A E con-

* tento. ' ' o

Corollarium..

. Exhismanifefum eftre@am,quedia- . - -
metro ab extremitate ad angulos reos -
ducitur, circulum tangere. & re€tam cir-

culum in vno duntaxat puncotangerc:
fiquidem quz circulo in duobus pun&is
occurrunt,d intracirculum cadereoften &prop.agg
fim eft.Quz ergo diametro, &¢.quodo-
portuit demonftrare. o

- Propof.1 7.Probl.z,
A datopunitoreciamliveam dusere,

qua dasim cireulumiangat.
. H 4 Kfte
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. ESto pun&um datom A, circolusda-
tus B CD. Oporteat autem ex pun-
fto A reGiducere, quz
-/ p)A circylum BC D tangat.
€ ¢ ‘ Accipiatur c€rum cir-
BV culi E, ducaturque A E,
~ & centro E, interuallo

- EA defcribatur circulus
aprop.art. AFG,&exDre@2 EAads angulos re-
&osducatur DF,iungantur§; EB F,A B
Dicodpun&o A re®am AfB du&am of-
{e,qu¢ circulum BCD tangst.Cum enim
Ecenvrum fit cicculorum BCD, A FG;
wdefas.a. berunttam EA,EF,quam ED,EB2-
~ quales: duzergo AE, EB dusbus FE,
E Dzqualesfunt, habentqueangulum E
¢ prop. o1, communée critigitur balis DiF bafi AB
#qualis; & triaogulum D EF, triangulo
E B A zquale; reliquiqueanguls reliquis:
etigituripfiE D F equalis EBA: at EDF
reQuscht; eritigitur & EB AreQus. Eft
deerolpro- verd EB ex centros 4 quzantem diame-
P83 tro circuli ad re@os ducitur re&alines,
’ tangit circulum : tangit ergo A B circu-

lum.A date ergo pun&to,&c.Quod

oportuit demonftrare,

3885+

Pro-
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Propofition 8. Theor. 16.

St circulum tangar linca quadam re.

&, centroastemadtacium reiiadu

cator,erit illaadsangentem per.-
pendiculars.

Angat reQa

qu¢dam DE
circulum ABC
in C, fumaturq;
centrumF,atque
— B, 'ab F ad C duca-

. b C . GE wrFC.DicoFC
ad DE perpendicularem effe. Si son: du-~
catur ab F ad D.E perpendicularis F G.
Cum ergoangulusF G CreQusfit; #erit  pgp, 55,0,
G CF acatus: b cumque maiori angulo bprep.ig.s
maius latus {ubtendatur, erit Jinea FC s
maior, quam FG: Eft verd F Cezqualis c4s/. 15,
ipfi FB: maior eft ergo FB,quamFG,
minor maiore, quod ¢ft abfurdum ; non
ergo FGad D E perpendicularis eft: Si-
militer oftendemus przter F Cnullam a-
liam: FCergoad DE eftperpendicularis,
Si ergo circulum tangat, &c. Quod
oportuit demon-
. - ftrare,

Hy Pro.
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Propofitior9. Theor. 17.
Sireéts limeacirenlumvangas, & ata-
& sangenti rellaquadem ad angulos
reétox ducatur,erit inillacen-
sram civenli.

J ANGAT cir-

.culum ABC

? re@ DEin C,&

ex CipiDEad

angulos reGtos du-

5 5 catur CA. Dico in

' . CA effecentrum
eirculi. i non: fit, (i feri poteft, F, iunga-

turque CF. Cumergo circulom ABC

. tangat re@a D E, & a centro ad taGum
app.12.; dula fit F C, serit F Cad D E perpendi--
cularis : angulus ergo F CE reQus eft: eft

“werd 8 A C Ere@us: zqualis ergoeftan--

gulus F C E;angula A CE . minor maio-

ri; quod eft abfurdum : F ergo centrum

eirculi A BC non cft, Similiter oftende-~

mus nullum aliud efle, praeér id quodin
1A G Si ergoreQalinea, &c. Quod -

'- -démonftrareopor- ..
tuit,
#¢(:0:) 3o
- Pre-
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Propofitio 20.Theor. 18.
In circulo angulus ad centrum duplue
¢ff anguli ad peripherism , quando
“ - eandem peripheriam pro baft
Vo babene, - |
' SToin circulo
A B C angulus
D ad cenwrum BEC,
ad peripheria BAC,
- firque vtriufque ba-
fis peripheria B C.
Dico angula BEC
- 9 F ~ duplum efle anguli
B A C. iun&aenim A E producatur in F.
Cum #crgo E A zqualisficipfi E B erit adefys. 1.
& angulus EA B zqualisangulo EBA: - . ,
Suntergo E A B,EB A dupliipfius EAB: bprep.se
cft bautem BEF equalis duobus EA B,
EBA :Eftergo BEF duplusipfiusEAB.’
ob eandem caufameft angulus FEC du-
plusanguli E A C:totusergo BE C toti-
us BACdaplus eft.SitalterangulusBDC,
iun@aque DE producaturin G; & fimi-
liter demonflrabimusangulum GEC du.
plum efle anguli ED C: quorum GER
duplus cfiplius EDBircliquus crgoBdEC
. u'
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duplus erit reliqui BDC. Si ergoin circu-
lo,&c. Quod eportuit demonfirare.

" Propofitio 21.Theocr.19.

In civenlo qui im eadem portione funme
anguli,aguales fant.
It in portione
X SB AED cireal
ABCDanguliBAD,
BE D. Dico illos &-
quales effe. Accipiatur
¢ /. centrum Fiducantur~
b queBF,FD. Et quia
o4 angulus-BFD ad cen-
trumeft; angulusBA B ad peripheriam,
.. .. habentque bafim eandem peripheriam
sprop.s0.y, BE Draerit angulus BF D duplusangu-
" iBAD. Obcandem caufam eritangulus.
" "BFD duplas anguli BED; Suat ergo
BAD,BED gzquales. Incirculo ergo,
&c. Quod oportuit demonttrare.

* Propofitip 22.Theor.20.
2uadrilsserorum in circulo deferipto-
“rum anguli, qui ex aducerfo,dus-

' busrecti aguales funt,
' Sic
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Slt inxireculo A B C D quadrilaterum
A B CD.Dico angnlols £x adn;rfo-effc
5 . zquales duobus re-
K >¢ &cils. ‘Ducantur AC,
V 'BD. 4 Qafatrgoom- sprep.3an
nis trianguli tres an-
, A guli duob’ re&is funt
- vAzual 5 & tri-
‘A,‘i' T s ﬂl?fn i’ A § - tres
CA B,ABG, B CA ducbuste@is zqua-
les. Eft autema CA Bdzquatis BDC sin- bpropusi-.
lo ('funt enim in eadethportione
giA- D C:)&ACBipfi ADB ((untenim
in portione AD CB:) totusergo ADC
duobiys.BAC;A CB gqualiscft: Com- .- -,
munisaddatur-ABC duobus RAC, ACB
fimul: & vni: A D C feorfim;etuntque
ABCBA C,ACBdyobns ABC,ADC ... .y
zqualesifed ABC, B AC ACBaqua- bpropepss
Jes funt duobus reGis:erunt.crgo & ABCy
ADC zquales dyobus re&is. Sirilitero-
flendemus & BAD; DEB 2quales efle
duobys redtis, Quadiliserornm e,
. §s&e. Quodoportuitde-
monitrase, .

Pre-
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- Ptopofitio 2 3.Théor. 212
Super eadem yects linea due :iich/vf

rumportiones fimiles, & inaquales
4d eafdempartes,mom -+
.. conflituentur.

S Qlfieripoteft,ts-
K JDlivmanear faper
; ‘ - eadem Te@a AB
N didcichlotipors
T zg . D tonts(imiles, & L
T e e pquales-ad eafdem
partes; A CE; ADB; dutaqe ACD
iongantir CB, BD. ‘Ca-i;;%w;mrdq
sdefars. A CBfimilis fit portionl-A D'B/4fimilcs
qutem portiones ‘equalesanpdloscapis
ant,cruntianguliA CB, A DB, zquales)
$prepa6.. externus & int&rnhs-o'%p'oﬁt'us,- b.quod
WU+ fieri nequit: Noh ergo fuper eadeny, &c:
' %ﬁ;épo:tu’ugdmogﬂrgrr{f*-“i--“}j‘f' ‘
Propofitio 24 Theptiady
Super nguahibus reitic lineisfimiles

cirveulornm portionesaqia-

: “les funr,

Slnt fuper zqualibusre&is A B,CDfi-
miles circulorum portiones A EB,

- , C

L s
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CFD: Dicoilles. effezquales. Congru-
entcenim portione AEB porrioni CFD,

) .
Al B € D

ofitoque A pq:_i&o-ﬁ: erC, &re®a AB
uper CD,congruiet &BipfiD,quod AB,
C D zqualés fint.'Congruente autemre-
&a A B re&z C D; congruet & portio
AEBportiohi CF D.Quod fire®ta qui-~ - <13
dem A B congruat re€tz C D; portiove-
1o A E B,portiohi CF D nolf congtuat;
fed alid cadat, vt CG D, fecabit circulus
circulum in pluribus quam duobus locis .
vt in C,G,D,#quodfierinequit. Non er- $#47:
go cengruente re¢a A BreGz C D, not
congruet portio AEB, ’pprtiqni CFD: .
Congructergo, b adeoque zqualis illic- 4.7
rit. Siergofuper, &c. Quodsportuitde=
monftrare.
Propofitio 2 5. Probl. 3.
Daraportione circuli,deferibereciren-
: lum cuineft partio. - g
\ S‘It datacirculiportio ABQj dporteat-
quedefcribere circulum ; cuius A B ‘9
‘ it

I ..’
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aprop. 10, fit portid, # Bifecetur ACin D,8&ex D
bprep.ss. bducaturipfi A Cadangulos re&os D B,

c .A[/"‘H!vz)‘i .

iungaturque AB. An-
ulus ergo ABD, angu-
0 BA D aut eft maior,
L/ aut zqualis, aut minor.
cprep.a3.r. Sit primo maior, ¢ con-
s A D ¢ ﬂits:turquc ad A refiz
A Bangulus B A E gqualisangulo ABD,
producaturque DBad E,& iungatur EC.
Cumitaque angulus AB E fic zqualisan-

dpwop, 4,1 guloBAEderit & E B zqualis 1pfi AE;
& cum A D zqualis fic iph D C, fi com-

munis D E addatur,eruntduz AD,DE,

.~ duabus CD, D E zquales.alteraalteri; &
angulus A D Eangulo C D E zqualis ;eft

eprop.#. 1. cnim vterque reGtus; eergo & bafis AE
bafi CE #qualiserit. Sedipfi AE dem3-

ftrata eft BE 2qualis;eritergo & BE 2-
qualisipfi CE:tresergo AE,EB,EC¢-

£prep. 9. 3. quales funt: feirculus ergo centro E, &
interuallo vna ipfarum AE, EB,E Cde-

fcriptus, tranfibis stiam. perreliqua por-

: tionis
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tionis pun&a, 8 circulus defcriptuserit,

Circuli ergo portione data, defcriptuseft

circulus, cuius eff portio ; & cum centrum

extra portioné cadat, manifeftii eft por-
dionem minoré effe femicirculo. Simili«

ter i ABD angulus,fuerit zqualisangulo

BAD, gerit A D zqualis vtriqgue BD, gex/frwa
D C; ergotres DA, DB, D C gquales #4rsex
func,8 D centrum circali, portioque fe. P06
micirculus, Sivéroangulus A B D minot
fueritangulo BA'D, bconflitnirirad A BAp-Aa
reQz B«éahg’nlus’BA E 2qualis angulo

A B D,cadetque centram in D Blineam
intraportionem ABC,& erit porticABC
femicircuto maior. Sl ergo ducarur EC
oftédetur vtin primafiguratresBE,EA,

E Ceffezquales. Dataergoportioiecir- . :. »
culi, defcripruseft circulus, cuinsoft por~

tio, quod oportuitfacere, '

Prepofitioss. Theor. 23.
I aqualibus civenlis agquales anguli e

gualibus peripherits infiffunt , fiue ad
centra.finead peripherias in-
. fiftant,
N circulis zqualibus ABC, DEF 2=
uales infiftant anguliad rentra,B G C,
- \ I EHF;
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EHF;ad peripherias BA C,EDF.Di:
coperipheriasBKC, ELF zquales effe.

K .

Iungantur B C,E F. Et quiacirculi zqua-
‘adefi.3. lesfunt,s crunt & quz ex centris zquales,
' Duz ergoBG, G C,duabus EH, HF z-
quales funt: fcd & anguli G ,Hzquales
bprep.¢.1. Rmt: b ergo & bafes B C,E Fequales ertit,
Etquiaanguliad A,D gquales ponuntur,
c€def 11.3. ¢ erunt portiones B A C,E D F (imiles, &
dprep.ag.s funt ingqua;libus re@tis BC, EF, dquz
autem circulorum portionesfimilesinz-
qualibus funt reis lineis, zquales funt:
portiones ergo BAC, EDF zquales funt:
Sunt verd & oti circoli 2quales; reliqua
ergo peripheria BKC, relique ELF2z-

" “qualis eft. Inzqualibusergo, &
<+« Quod demonttrare o- '

- . ... portuit- -

of(0)s0v

R -7

Pi‘O-
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o Pngqt_i;io'zy. Theor.24.
Io aqualibus circils anguli qni aqud- -
libus infiftant peripheriss ,equales
+ - fumtyfiwe ad contra.finead pe-
- ripherias infiffant. -
N zqualibus circulis ABC; DEF &4
qualibug peripberiis BC, EF infiftant

anguliad centra BGC;EHF 5 ad peri-

pherias BA C, EDF. Dicotamangulos

BG C,EHF,quamBA C,E DF.zqua-

les efle. Si enim BGC, EHF zquales

funt, aperfpicuumeft& BAC,EDF 2- aprp.ao.bs
qualeseffe. Sinon funt: erit vaus maior:

Sit maior BG C:& & conflituaturad pun- b prepess s
&um G re@z BG angulus BG Kzqua- '
lisangulo E H F: ¢ anguliautemzqualés cprop.a6.g
#qualibus peripheriis infiltunt, ¢utn funt

ad centra peripheria ergo BKzqualises
xitperipheriz EF:fed & E F aqualis «ft

BC: ergo&ipli B Czqualis erit B K,mir

P Ia nor
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nor maiori ; quod fieri non poteft: Non
ergoanguli BG C,E H Finzquales funt:
Aprep.any. zqualesergo. 4 Eftque anguilus ad A'ans
uliBG G; &angufus 4d Danguli EMF
PPy XX gimidiustdnt erge &aogultad A, D
equales. Inzqualibus ergocirculis, &c.
Quod oportuit demonftrarg,-. . - -

Propofitioz8. Theocr.z5. ~
In aqualibus cirenlis aquales recte li-
wee aguales peripherias anferunt,ma.
jorem quidem maiorss minoréms
Autem minors.

Srmi'nzqmubus citculis ABC,DEF
~? zqualcsretz B C,EF, ayferentes pe-

- sipheriasmaiores B A G E D F; minores
BGC,EHF. Dico tam maiores peri-
biax, quam miseres £qualeseffe,. Su-
ntor enim circulorym centraK, L, &

ducantur KB, KC; EL, LF; & funt .Cil;f
AR . cult
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culizquales; #ergo & que ex centris z- a44.11y0
qualeserunt ; igitur duz B K,K C,duabus
EL,LF zquales funt; fed & bafes BC, L
EF aquales funt; erunt crgo &anguli ‘P"P";"
BKC, ELF zquales: ¢ zquales augem %47
anguli zqualibus periphenis infiftunt
cum fuerint ad centra; ergo peripheria
BG C,EH F equales funtjfed & oticir-
culi funtzquales; reliquz.ergo periphee
rizBA C, E D Faquales quogue etunt.

Siergo in zqualibuscirculis, &c. Quod
oportuit demonftrare, .
Propofitio29.Theor.26.
In equalibus ciyonlss aquales periphe-
vimsagualesreiialineafub- -
Ccipiantur in zqualib®circulisABC, . . -
ADEF gquales %eripho:iz y fBG-C.g"G",';:
EHF, & ducahtareeltzBCy EF: Dico’ T 0"
re&as BC, EFigqualds eflel Sumantur.
enim’ circulotum centra K, L, &iungan-
weBK,KC;EL. LF;Cum ergo periphe-
riz BG C,E H Faquales fint, 4 cront& 541y 47,5
anguli,BK C, ELFaquales; & cumcir-
cult equales fint; b erunt, & quz ex cen- bdef 1.3,
tris zquales : Duz ergo BK,KC, dua-
bisEL, L'F #quales funt; cominentq,
N 13 zqua-
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. 4.1, 2qualesangulos scergo&bales BC, EF
Kiks zquales crE:t. In zqualibus, ergo circyy
lis, &c. Quodopartuit demonflrarg, ;

Propofitio 30.Probl.4, -
Datamperipheriambifariam fecare,

ESto dat‘avperiphef

aprop.0. 1.
bprepar.a. ) ) ’ :
&o C ducatur ipfi A Bad angules re@os
CD;iunganwurq;AD, DB.Etquia AC
zqualis cft C B,communis C D; erat duz
AC,CD,duabus BC,CD zquales, & am-
gulus A C D angulo BC D zqualis, eft
$rrep.4.7. enim vterquereQus ; eerit ergo & bafis
- &ropsss. ADbafiD zqualis;dzqualesautéreGz
‘ zquales peripheriasauferunt,maioré ma-
iori,& minorem minori,eflq; vtrag; peri-
pherisrum A B, D B minor femicicculo,
quareperipheria A D gqualis eft periphe-
riz D B:data ergo peripheriabifeGactt,
Quod oportuit fgccre.

Propofitio 31. Theor. 27.
To circulo angulus, qus in femicirculo,
recius ¢ft; gus im portione maiore mi-
R wor;

x catur A B,abifecetur- -
quein C; & iBpun-

. AR~ . XoriaADB,quam
. /AZ bifecare oparteat dus
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mor ;s qui in minore maior rello off,
Infuper maioris portionss angulus me-
' sarreio;minorisreito mi-
woreff
E Sto citculus A B C D,diametrus BC,
<centrii E, &iungantur BA, AC,AD,
: D C. Dico angulam
BAC in femicirculo,
reGum efle. ABC,'qui
eftin portionamaiore
¢ femicirculo, minoré;
'ADC, quicttin por-
tione minore, maioré
re@o.Ducatur AE, producaturqs B Ain
F.Esquia BE,EA zquales funt,aerunt & aprop. 5 2
anguli E A B, EB A zquales.Rurfus,quia '
EA,EC zquales funt,eriit &anguliACE,
CAE zquales:-totus esgo B A C duobus
ABC,ACBzqualis.cft. FEftverd 8 FAC bpraps2.x,
externusduobus ABC,A CBzqualis: z-
quales erga funt BAC,FAC;cergo reGus ¢4/ 104
vtesque. QuareangulusBACin femicir- o
culoBACre&’cft-dEt quia trianguli ABC 4 propazEi
duo anguli ABC, BAC duobus redtis mi- '
noresﬁt;BAC autérettus eflyerit ABC -
minorreto; & eftin portionc A B Cma-
lori femicirculo. Rurfusquis ABC Drin
L I 4 cit-
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opropaas3, circulo quadrilareri eft ; ¢ quadrilateror® |
autéincirculo defcriptorii,qui exaduerfo
n anguli duobus reis

2quales funt; erunt |

ABC, ADC duo- |
- bus reis zquales; &
3B ¢ ¢t ABCminorre&o;
reliquus wrigo AD C
maior; & ¢f{ in porti-
oneminore femicirculo.” Dico przteres
maioris portionis anguliicontentun pea
vipheria A B!C, & re@a AC maiorem

efle re@o ; minoris verd portionis pe- '
ripheria A D C, & re&a AC conten-
tum , minorem. Quod per {e apparet,
Cum enimangulusrectis B A, AC cGren-
tusreQus fit, cricqui peripheria ABC, &
seGa AC continetur maiorreGo. Et cum
sngulusre@isAC,AF cotentus,re@usfit;
‘eritrecta A C,& peripheria ADCcSten-
tus,minorreGo.Aliter demofteatur BAC
- reddii effc. Angulus AEC duplus cftangu-
844324, li BAE,g zqualis enim eft du«.businternis
& oppofitis.Eft verd & A EB duplusan-
guli EAC:anguli ergo AEB,AE Cdu-
plifuntmguliBA C;atAEB,AECz~
~ qualesfuntducbusredis: ergo BACre-.

as efte

. Corel-
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" (orollariams.

. Exhis manifeftumeft; fiintriangule
¥ousangulusduobus fitzqualis, cum re-
&@amcfle,quodctiam,quicftcideinceps, .
duobus reétis zqualis fie:f cum autem an- fdefre.r.
guli deinccps zquales fucriot,re&ifunt.

' Propof32.Theor.28.

Sicivenlum quedamreciatetigerit, o
wtaéinducatur recis civewlum fecans,
erunt anguli quos ad tangentem facit,
. aqualesillis,quiin alternis cipcnli
- portionibus confiftunt.
T Angatcirculom AB CD ré@aqua.
<& damBF,inB;d quoducaturaliaBD
. A fecanscirculii.Dico
~X\p angulos, quosBD
cum tangente facit,
;qualcs effeillis,qui
unt in aleernis cire
culi portionib’:hoe
E 3 °°F eft,angulam FBD
¢qualem efleilli,qui eftin portione DAB;
angulum verd EBDilli, qui eftin portio-
oe D CB. 4 Ducaturenim ex BipiEF aprep.rrre
sangulosretos B A,&accipiaturin pe-
- Iy riphes
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ripheria B D quoduis pun@&um C, & dus
cantur AD, D C,CB; & quiacirculum
tangitreGaquedsm EFinB,& dtaGuB
bprop s du@acftangentiadangulosrecos B A,
oprepgr.g. beritin B Acentriicirculiz e angulus crgo
. ADBinfemicirculo exiftens, reQuselts
A reliqui ergo BAD;
ABD vnireGo 2-
quales.Sed & ABF
reQus eft , zqualls
* ergoangulisBAD,
£ — AB D; communis
o A B Dauferat: ergo
reliquus D B F eritzqualis reliquoBAD
inalterna circuli portione exiftéti.Ex quia
9213 4 BCD quadrilaterum eftin circulo de>
feriptum, d erunt anguli appofiti duobus
re&is zquales: erunt ergoanguli DBF,
DBE ¢quales angulis BAD,BCD;quorii
B A D oftenfus eft zqualis D BF ; eriter-
go & reliquus D B E,reliquo D € Binal-
ternacirculi portione DEB exiftés zquas

lis.Si ergo circulum re@a qugdam, &c.-
Quod oportuit demon-
ftrare.-

AT

Pro-~
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.- .Propef.33.Probls. .
Swper duta veéta deferibere pertioners
#ireuti,quecagiat angulum al:ulm
' dato apgulo rectlinio.

- QIt data te-
J Qalinea A
"B, datus an-
gulus re&ili-
: neusC,f& o=
rgeat v
L KOB porti;':;
“circuli deferi=
© bere,quzan-~
) 'Fulum zqup-
et angulo€

B sapiat.Angu-
PergaC,aut

Gus;aut
tufus eft. Sic

. primo acut’,
vt in ‘prima

B deferiptione.
« Coflituatur 2
ad Api&um
— re@z ABan~

acut’, autre-

mpaga

_ gulusBAD.zciualis;ngﬁlo_C,quiacw,..-_ e
. : s ~
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b prop.ir.s. tuserit. Ex3 A ducatur AEad angulosre-
cprop.10.1 Cos lpﬁ ADj;atque ABipE ¢ bifecetur,
dpropass ‘ « ExF dduca-
Y turFGadan-
" “golos re@os
. 1pfi AB, du-
B catmg; BG.
- Etqua AF
. gqualiseft F
B,communis
FG;eritduz
AF,FG,dua-
bus FB,FG
B zqualess.an:
~ ulusc’luc‘_AF
C N © NGangule G
' DT FB aqualisg
Y o \%ﬁil: :g‘l’)f‘g
AL B'G zqualis.
_ girculus ergo
"~ centro G,in-
:  termallo AG
) . et . defcript® trd-
* guais 1. {ibit etiam par B Defcribatur; & fit ABE,
"l;::‘”[‘"“ inngatur§ueE B:*Cumitique diametro
* AEab extremirate A ad losre@os

o, angulo
£ prop, cor, fitduéta AD Frangetipfacircalum;cum-
9,5 : que
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§uecirgulum ABE re@a quedam AD1i-
at, ﬁtc'luei ta&u Aincirculum du@are
ga AB; g eritangulus D'A Bzqualisan- g%-114-
ulo AEBin alterna{cQiofie AEBexi-
cntisfed D'A B et zqualisangulo Ciigi-
tur&angulus C zqu:lis erit A EB angu-
lo.Super data esgo re€ta AB portiocircua
lidefcripta el capiensangulum A E B, z-
qualemangulo C. Sitiam angulus Cre- e
ﬁs,ﬁiflbc'ru_rfus faper A B portio circu- ot
licapicns angulam reGo Czqaalemde- -«
{cribendab. Fiat angulus B'A Dangulo C brr.2.t
zqualis,vein 2.defcriptione: § AB in F bi- 1p7p-1008
fecctur; & centro Frinteruallo FA,aut FB
defciibagui A E B circulus: # Tangicigi- %eor prop.
tur re&a A D circulum, qnod anguﬁxs 1",
B A DreQusfitfed angulus B A D zqua-
liseft & angulo C;/ &angalo A EBinal. prop.az.g.
ternafeQioneserivigitur & AEB, angulo
- C zqualis, Deferiptaergo cft fuper AB
portiocirculi A E Beapiensangulia AEB
zqualemangulo C, Sit tertio angulus C
obtufus. m ponatur ¢i ad A reGz A B 2- mprop.ag.e
qualis BAD, v in tertia defcrigtionc.
sducaturd; re@z A D.adangulof reCtos nprep.1r.t,
re@a AE; & ABinFobifecetur, cuiexF o ppp, 10,00
ad p angulosreGtosducatur FG, &iun- 0, 1y,
gatur,(_:g B. Cumitaq; A Fzqualisfit B,
- eom= . 3

L]

v
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communis F G;eruntdug F G, A F,dua-
;.. busFG, BFaquales, &angulus A¥'G
Wprop.4.1. angulo BF Gzqualis: # eritigitur & Ba-
fis A G bafi BGaqualis. Ciréulusergo
centro G,interuallo A F delcriptus tran-
fibit ctiam per B, tranfeat ve A EB. quia
ergo diametso A E ab extremitate A ad
rerprep, 20gulosreCtosductaelt AD, 7 tangerilla
£5.3 circuli;8cum 4 taGoAin circuluin du&s
sp9p.33.3. fit AB,s eritangulus B A D zqualisangu=
lo AHB,qui elﬁn alterna potiiGne circa-
liAHB. Sed angulus BA D &qualis ft
angule C.eritergo & angolus AHBin al-
. . terna portione zqualis angulo C. fuper
- data ergo re&ta A B defcripta cft portio
circuli AHB capiens anguluin 2qualea
aoguloC.quod oportuit faceres
Propol34.Probls:
A dato ciwculo portionem auferre,
- quecapiatangulum aqualemdare
o anpaloreiilineo. .+
. ESto datus éirculus A B C;datas drigu:
- Alusre@ilinens D. Oporteatautem 3
circulo A B Cportionem auferreé,qug ca<
- - piatangulum,aagulo D zqualem. Duca-

prop.az.n, tur E Frangenscirculum in B. # Conftis
tuae
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tuaturgsad Bre@tz E FangulusFB C e
qualisanguloD.Cum ergocirculi ABC
ungatreQa E Fj8¢iraGtu Bduca icBC,

beritangulus FBCgqualisangulo BA G bpro.zep

inalterna portione B A'C conflitutosfed

aogulus F B.C zqualiseft angulo D:erit .

igitur & B A C inalterna feGtionecidem
angulo D zqualis. 3 dato ergo circulo
A B Cablata eft portio B A C capiens an-

guliim zqualem dato angulo Digqued o« . . ..,

portebasfacére. .

~ Propof:35.Theor.29. ~

Siin cironlo duareiiafe inuscemfecet,

eritrectangulumportionibus vnive -

" contentum;aqnsleportionibis <
alterins contento.”

© Ecent in circolo ABCD fcinui_cgt'n'-‘—

Jduzre&z A C,BDinE.Djcoreftan-
ulum AE, E C contentum, zquale efle
E,EB conteptoSiigitar AL, B D pes

: ccn-

-

ey
\ +

P .‘\\n"“)
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eentrum tranfeant, perfpicuum eftcum

A E,EC:D E,EBe¢quales fintsetiam AE;
ECcontentum,¢quale effe, DE,EB con-
tento.Quod fi per centriim nd tranfeant:
accipratur centrum F, ab coquead reCtas

sprep.ar.r. AC,D3B 4 ducantur perperidiculares FG;
FH, iunganturd; FB,FC,FE{Btquiare:

&a quzdam GF per ¢entrum dulta,refs
quandam A C non percentrum du&tam

bprep. 3.3. ad angulos re@osfecat,& b bifariam illam
cecabit: zqualesergo funt AG,GC. Cum
igiturre@a A Cin G zqualiter, in Einz-

eprep. 5.2. qualiter feQafir;e erit quod AE,ECcon-
tinetur reGanguli, cumt.quadrato quod

ex EGzqualc quadratoquodex GC, fi
comune,quod ex G F,addatur,erit quod

AE,EC continctur,cum illis,qua ex GE;

G F quadratis, zqualeillis, quzex CG,

dprop.#7:1 GF dSed illis, quz ex CG,GF zqualeeft,
quodex FCillisverd, quz exGE, GF,
wqualect;quodex FE: ergoquod A E,

E C cominetar, cum-co quodex FE,

- zquale
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2Rualaﬂ'ei,quod ex F C (zqualis auterh
eft F Cipfi F B)ergo quod A E,E Ccon=
tinetur , cutnilloquod ex E F, zqualeett
¢i, quodex FB. Ob eandern caufam erit
quod D E;E.B continetur,cutit illo quod
ex FExquale i quod ex FB. ofenfum
eftautern &idiqyed AE,EC continetur,
cum eogquod ¢x K E , 2quale eflc ci, quod
e2 F B: erffoquod AE, EC continetur
eomillg quod ¢x FE, zqualeeftilliquod
DE,EBcontinetur,cumillo quod ex FE
quadratd'; commune, quod ex F E, aufe-
ratur 3 & critteliquum A E, E Ccontens
tum , zquale reliquo D E, EB contentds
Siergoincirculo, &c. quodaportuitde-
monflrarés Lo

Propof.36. Theor.35.
Si extva civenlum puncium famatirs
#beog,incirculum due reitelinca ca-
dant,quarum vnacircilamfecet alte-
va tangat,reclangalimiotafecanie,&
eaparse ; que inter pﬂpﬂﬂm o
sam peripheriain el erit aquale
"7 tamgentd guadrate.
EXtra circulum A BC fumarir quod-
-sujs puntum D, ab eoq; ad girculum
o K~ cadant
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. - o - . . ':. Iy

tadant dug re®z DCA, D B; quarum

D CAcirculum fecet, D B tangat. Dico |

re@angulum AD, CD contentum, 2-
uale effe quadrato,quod fivex DB. Tri-
t autem D C A per centrum , aut non,
Tranfeat primo.per centram quod (it E.
aprap.18.3 Du@aergoEB, 4 eritangulus EB Dre-
- &us.Etquiare&a ACbifecatur in E,cig;
Bpropd.s. appofitaeflin diredtym C D;bericqued !
A D, D Ccontinctur : cumeo, quodex
E Czqualcei, quod ex E D; eftvero EC
2qualisipli EB:ergo quod AD, DCcov-
“tinetur reG4ngulii, cum quadrato quod
‘ex EB,zquale eft ei,quod ex ED,quadra-
Eprop.q47. to. ¢ Eftautemquod ex E D zquale illis,
quz ex EB,B B quadratis, quod angalus
EBD refus fit. ErgoquodAD,D C
- continetur, cum co quod ex & B;zquale
eft @llis,qua ¢x E B, 6 D;commune,quod
B .- [+
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exEBollstur: eritquequed AD, DC
continetur , zquale er quod ex Tangente
D B quadrato. ki
Sed iant D C A nentranfeat percens
trum,accipiatur§ue centrum E,dab eod; dpmp.tr. 52
ad A Cperpendicularisducatur F E, jun-
oturq; EB,E C,E Dy eritergo angu- eprpal g
us EBDre&us. Etcumre&®a quedam
EF percentrum dua,re®am quandam .
AC non per centrum du@am fecet, f sd fPr9.3.2:
teQosangulosillam, & bifariam fecabit;
funtergo AF, F Caquales. Etquiarelta
A CbifecaturinF, ¢ig;in direQum addie
turCD, g eritquod A D, D C contine 8165
turscum illo quod ex F C, zquale«i quod '
ex F DiCommune, quod ex FE,addatus,
& eritquod A D, D C continetur, cum
illisque ex FC, FE, zqualeillis, quzex
FD,FE:illisant€,que cx DFIF E,b zqua- herep.493
leeft,quod exDE?dg.enim angulus EFD
reltus ) iflis verd,quz ex CF,FE,2qual
¢ft, quodex CE. Ergoquod A D, D!
continetar cumillo quod ex E. C, zquale,
eftei,quodex ED,é eftautem E Czqua, doforgs
lisipfi E B:Ergoquod A D,D Ccontine-
tar, cumillo quod ex EB, aqualecftei,
quod ex ED: eiautem quod ex k ED 2- " 27247
qualia funtquz ex EB,B D,cumangulus -
- K2 * EBD
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EBDf ré&ns:ergo. quod AD,‘DCcoh- '

tinetur cum co quod ex E B, zquale eftil-
lis, quzex EB,B D; Commune, quod ex
E Bollatur, & eritqued A D,D C conti-
actur reftangulum, 2qualequadratoex

tangentis DB.Si ergo extracicculum, &c,

Quod oporstuitdemonttrare,

Propof.37.Theor.31.

8i extra circulum punclum fumatwr,
abeoguein cireslumduerecia cadant;

quarsmunscirculumfeces; alterain. |

cidat; fis autem guodtotafecante, cres
parre, qua inser panitum & curuam
peripheriameit, continesur rectangu-
Ium,aquale guadrato guedfis abin-
cidente, tanget incidens
sirculum.

C Vmatur exera circulum A B C pun-

&um D, ubeoquein circulum cadant
dug re@¢ D CA,D Biquarum D CAfe-
cet, D Biacidatcirculo. Sitautem quod
A D,D Ccontinetur reGtangulum,gqoa-

lequadrato quod fitex DB.Dico DB cir- -
aprop.ay.3. culum tangere. 4 Ducaturenim D Ecir-

culum tangens, famptod; centro F, iun-
: : gan-
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anturFE,FB,FD,} & ,
Etitan lus FED go- brrats

&us. Et quiaD E tan-

ity D C Afecat circu-

um ;¢ eritquad A D, cprmp. 36,
DC_contiutel:hr squale "., 3¢
eiquodex D E; poni-
tur amté &qued AD,
D Ccontinetur,¢qua-
leciquodex D B.ergo
quodex DE zqualeckei, quodex D B;
zquales funtergo D E, D B d funt verd 4 defirsir.
& FE, FBaquales: duzigitur DE,EF, i
duabus D B,B F ¢quales funt;& bafis FD
communis;e angulusergo D E F gqualis ¢ prop. &or:
eftanguloD RF:eftautem D E EreQtus;
ergo& D BF reftus eft. EtF B, fiprodu-
catur,eft diammus,f qua autem diame- feor.prope
tro ad angulos re@os ducitur ah exctremi- 16.2-
tate, circulum tapgit,Idem demonftrabi-
tur pari modo fi eentrum fitin A C, Sier~

goextracirculum, &c. guod opor- -
tuitdemonfiare, . -

- eEediEnd
L NP IGguPpd

K3 EVCLL
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"ELEMENTVM
: e ‘: | (LYAR. TVMO _

- Defnitiones.

- 0 ﬁf_\m’r’e&ilinea fgure re&ilinezin-

cribi dicitur., cum finguli infcriptas
anguli,fingulalatera cius, cuiinfcri-
bitur, tangunt. o

A Similiter figura ﬁ'gura'circnmfcribi

dicitur ,cum fingula latera circum-
fcriptz, fingulosangulos cius, cui
circum{cribitur, angunt. -

§. Figurare&ilinea cireuloinfcribi dici-

* edrg cum fingulianguliinferipte ti-

. gunt pheriperiam circuli. raprep.2.
trianguinm ABC; féxeaquadratum
ABCD circulainfersptuns Vides.

4. Figurare@ilinea circulo circumferibi
§i€itur » cum fingulalatera circum-
feriptzcirculi peripheriamtangiit.
Laprop.g.trianguium A B C;oitana

L o qna-
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.gwadratiom A BC D ¢irenlocirenm-
Crsptumcernis. SRR

5. Circulus fimilicer figure inferibi di.
citur, cum circuli peripheria finga-
lalatera cias,cuiinferibityr, tangit.

Lraprop.4.circulum E F G triangnlo

A BC,oi}anacirculum EFHK qua-

drato, A B C D inferiptum vides.

é Circulus ﬁggr? circamfcribi digjtur,,
cum peripheria circuli-fimgulos an-

. guloscins,cuicircqmfcribitur; tan-
 gite Jraprop.2. ciremlum A B Qtyjan-

g¥lo , Jexga cireulum ABCD guas
 dravocircumferspesm gides.. ..

7+ Re&alioca in circulo aptari dicjtary

... ,cumdusterminiincircyli perighes

, . .Eia,fuqin;., . L e o

“f oy

‘/

foeg

[ERp
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.- Propefitior. Prebleman.
Jn dafaurmla , datarelle lines e
dumﬁrommltmawmonf it €~
_gmlmreﬂmlmem '
apnr& sl

Ve datus cir-
culus ABC,

B data re@a,qug
circulj diame-
" “tro‘maier non
¢ ok it D. Opor-
tcarautcm cu'culo ABC rc&ém,re&g D
lcm,aptarc. Ducatur diamiettus cir-
tiﬂi B'C.'8i ergo B Czqualis éftipfi D, fa.
&iitn oft, uod iubebatur. Circulo enim
AB Captata ftBC zquaixs re&zdatz2.Si
autem BC maioreit quamD a Fiat CE
zqualis lPﬁ D;& centro C,interyallo CE

* defcribatur c;rculusEAF,duCatutq, CA.
Quia ergo C centrumef¢itculi AEF;
biefrsn Berit CA zqualisCE: fed Q&D 2qualis
' eft CE:eritergo & D¢qualis ipfi AC.Da-
toergo circulo ABC, Datzre@2 D non

maiori circuli dtametro.zqualls CA
sptata cft. Quod oportuit
1 ~ facere.

.V T A

Pro-
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- - Propofitio 3. Probl. 3.~
Daro cirenlotriangalum dato t(iangn-
loaguiangulum inferibere.
S It circ(ﬂ(iédatus ABC, triangufum da-
tum D E Fyoporteatquecirculo ABC

triangulum, trizmgulo D E F equisngu-
lum igtxfcrib:rc. Ducatut(5.A H-tangens

circulum AB Cin A; 4conftituaturque ,ppp.05.0,

ad A re@z G AH, angulusH A C 2qua-
lisangulo D EF, & G A B zqualis DFE;

dllcamﬂl'licBC. .Qgi‘ ergo‘ t‘ﬂlﬁ ABC b’”’o,l—’o

tsagit re@a G AH, & i tatu du@a eft

AC,beriwangalus HA Czqualis m%ulof cprop.sat,

ABCinalernaportions:fed HAC eft -

qualis DEF angulo; eritergo & ABC -

zqualiseidem D EF. Eadem'rationc erit
angulus A CBaogulo DFE zqualis, ¢ re-
liquus ergo ‘B'A C gqualis erit reliquo
EDF. Eft triangulum A B C tri-
angulo D E F &quiangulum , & inferi-

o Kg ptum

T3
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. ptumeft circulo A B C, Dato crgo circus
lo, &c.  Quodoportuit facere.

Propoficio 3. Psobl.3. 7
Cirea dutum cireulum dato trianguly
agwiangulum trianguinvm .
» Aeferiberes.
1= Stodatus circulus AB C,datum tri-
Avangulum D EF. eporteatque circa

< . A BCirculun tranguio D EF zquian-
ghlum sriaogulum’deferibere. Produca-.
oo vtringueEF in G 80H, fumaturque
ceatrum K dirculiAB<C, & ducarur recta
apropa3.1. K B vs libet; & # conflituatur al K recta.
KBangulo. D EGqualis BX A angu-
~ lovero DFH zqualisBK C,pérque pun-
berepa7.2: §a A,B,C hducantus tangeiitescirculum :
LAM,MBN,N CL. Ecquia M,MN,
N Ltanguntcircalumin 4,B,C; &dcen-
N tro
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tro K ad pun&ta'A, B, Cdu&=z funt KA, - i
KB, K C:erefiigitureruntanguliad A, ¢prop.af.ge
B, C pun&ta. Et quia quadrilateri AMBK
guatuor anguli zquales fant quatvor rev
&is;*dividiturenim quadrilatcxd AMKB * ’""-"‘:3‘!
in duotriangulaK AM, KB M,.quorumf;:';:m
anguliK A-M; KBM re&i fupts reliqui x ar,
ergo AKB, A M B duobus re&is zquales
erunt: 4 Suntverd & DEG, D E Fduo- dprepazn
bus re€tis 2quales: ergo AKB,A MBan- '
gulizqualesfuur angulis DEG, D EF.
quornm AKB,DE Gzquales cum fint;
erunt & reliqui A M B, DEF 2quales.Pa~ -+ s+
rimodo demonftrabitur angulum LNM
angulo DF E aqualem efft: reliquuser-
go ML N religio E D Fxqualiserit. ' 2~
quianguhim ergotft tHiangulum LM N
triangilo DE F; & defcriptum eft circa
eirculom’ AB CZErgo ¢ircadatum circu-
Jam), 8¢, Quod-opbriuit facere: ' '

' ‘Propofitio 4.Probl.4.
Imdate ?ii'dgql_o circulum deferi-
o e bereoy
S‘It datum triangulom ABC, in quo

oporteat circulim defcribere. # bife- aprap. 2.7}
centur anguli ABC, BCA rc&is'g D,
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brep.1a.2, CDiquzin D pun&o concurrant, bdue.
. ~ canturque ex Dad reftas AB,BC,CA
perpendiculares D E,DF, D G. Etquia
anguli AR D, CBD gquales fuot (cf
: enim A B C bifeétus)
§ anguli ver6 BE D,
.BE Dre&i,habebunt
duo triangula EBD,
(A (Il) BbF duos lamgulos
uobus angulis, & v-
k& num latus vgni laterig-
B . F ¢ quale,agmpe cGmu-
N ncBD,chabebunter-
go & reliqualaterareliquis zqualia ; vade
D E, DFzqualeserunt: Eandem ob cau-

fam D G,D F 2qaales erunt. Cireulus er- -
o centra D, interpallo vno pun&orum
E,F,G deferiptus,tranfibit etiam peralia
puo@astangesque reftas AB, BC,CA
quod angul{ad E, F.G reQifint, Si enim
ipfas fecaret, caderet , quzah extremitate
diametri,ad angulos re§tos ducitur,intra
circulum ; d quod eftabfurdum. Non er-
go circulus centro D;interuallo vna ha-
rum DE,DF, DG defcriptus fecat re-
Gas AB,B C.C A; argo cas tanget ; eftque
circulusin triangulo A B C deicriptus. In
datoergo triangulo, &¢, Quod oportuie
facere, Pro-

S A
LA

L R

Qprop.as.a,

 dpropaéy
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Propofitio §.Probl.s.
Circa datum triangulum civcnlum
deferibere,
Eﬂo datii triangulii ABC,circa p opor '
X teat circulii deferibere, bifecétur AB,

ACin D& E;atque dpun&is D, R du-
canturad A B,AC adangulos re@os DF,

EF,quz conenrrentant
_in triangulo ABC,aut
in re@a BC, aut extra
triangulum, ~Concur-
rant primg intra trian-
lumin F.ducanturg; * » ¢ iu 1;
. E,FC, *FA;.thmaﬁpmﬁ
AD,DB gquales funt, communis&ad s .}
angules reQos D F, derunt & bafes AF, 27 4
F B zquales. Similiter demonfirabimus
CF,A Fazquales effe: quare & FB, FC
wquales erunt. Tics ergo FA,FB, FC
» zqua-

@’b
_ n
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zqualesfunt. Circulus ergo centro Fia:
terualle vna ipfarum FA, EB, FC de-
feriptustranfibit & per reliqua punétay e-
ritque circulus circa A B C triangulum
defcriptus. Concurrant iam D F,EFin
recta BC in F,vtin fteundadeferiptione,

iungaturque A F. §i-

militer dem&ftrabimus

pun&um Fcentrumef

" fecirculi circa triangu.
lum ABCdefcripti.Cs-
currant demum DF,EF
- extratriangulum ABC

, ifi F,vtrertiahabet deferiptio, & iungan-
7 wrAF,FB, FC.Cumque AD,DBz-

: uales fint, communis, & ad angulos re-
bf"" b gosD F,b crunt & bafes A F, BF 2qua-
Ies. Similiter demonftrabimus & CFipft -
F A zqualem effe: quare & BF zquali¢ c-
rit F C. Rurfus ergo circulus centro Fiin-
teruallo vna harum FA;FB. FC, defcri-

- ptus
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1 ptus tranfibit etiam per reliqua pun@a,
i eftquecirca AB Ceriangulum defcriptus.
i Quod facere oportuit. ‘
v Corollarinm.
Vnde perfpicuum eft,quando centrum
drculiia trisngulom cadit, anguliBAC
in* maiore portioné. femicirculo exiften-
. temi reto minotem effe. quando-verd
" centrumin B C cadit,in femicirculo exi~
ftentem; reGtum : quando denique: cen-
trumextraB C cadit, in minore portione :
femicirculo exiftentem , maiorem re@®o.
'Vnd¢ quandodatus angulus minor eft re-
&o, intra triangulum cadunt reGz D F,
- EF; quandore@us,in B C; quando ma-
. for re€o, extra BC;quod oportuitde- , .

, nonftrare.
Propofitios. ProB]._&.
In dato cirenlo qudarasurs de-
‘ [feribereo. !
Stindato circalo A B CD quadrarom
defcribendum. « ducantur diamétri aprep.ru iy

AC, BDadanguloes fefos; itgantur-
: que
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queAB,BC, CD, D A, Catierge B,
E D fintzquales, quippe éx centro E, ¢5-
A munis & adanguips
bpreps. 1 ( teGos EA; berit &
/ bafis A-B bafi AD
D #qualis. Eademra=

B v e
: tione veraque ipfarii
, \ BC,CD,vtrig; A B,
c . A Deft zqualis, -B&t
Ergo quadrilaterum ABC D zquila-
rum. Dico quod & zquiangulum. Cum
re&a B D diametrus (it circuli AB.G D
¢prop. 31,3, eerit B A D femicirculus § ré@us eftergo
~ angulus BAD. Obeandem caufam qui
libetangulorum ABC,BCD,CD Are-
Quseft; re@angulum ergo eft quadrila-
terum A B € D. Oftenfum eft autem &
d def 370, 2quilaterum ; d quadratum ergo eft : &
eft circulo inferiptum. In dato ergocirs
culo, &¢. Quod oportuit facere.

Propofitios.Probl..
Circadatum circulum quadratsm
deferiberes. N
SIt cirea datum circitlam:A B C D quis-
gy o JMdratem defcribendum.Ducantur dia-
metri A C,B Dad angulos rectos, & per

pun-
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pondta AB,C,D ducantur tangentes cir-
eulum. F G,GH, HK, K¥:, Cum ergo
FG tangat circulum,
& d centro Ead talid
. Y. Adu@s firEA; j4 crie
--D anguli ad Are@LEadE -~ v
R E “de saufa agrunt & an- ap”p‘dM
‘C:ﬁ guli ad B, G, D. rei,
- '’ cumqueanguliAEB,
EBG u&x ﬁnt,ﬁcrumGH ACparallelz‘ bprop.abas
Eadem decaufd erint A C, FK parallelz;
Sxmxhterdcmonﬁrzblmus,quog GE,HK
fintipfi BE D parallele: SuntergoGX,
GGC,AK,FB,BKp aﬁelogramma €0~ gprep. 12t
de z ahscRG iph HK; & GHipfi™
& quia A C,B D zquales furit, At- ddefrs.r,
uc AC virique GFLFK; & BB vtri ue
% F, HK elt zqualis; er. thfaqch
FK,vtrique GF,HK effz qualis, Fl’ugt-
wr FGHK quadnlatemm zquilaterfi’s
dico quod & reQtangulum. Cum énim
GBI-‘.A fic parallclogrammum;, fitqs an-
gulus AE Bre&us, cem&AGBrc&ds TPt
Sxmxluerdemonﬁrabnmus odanguliad
. MK, Fre&ifint;cft crgo FGHK reQan-
galum quadnlaternm ) oftenfum eftauté
& zquilaterum , f quadratur ergo cft, B Ldefiszn
d’ccu'caABC D m;&lﬁ Jﬁfcﬂptumzcxgc
€ires
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circa datum, &c. Quod oportuit facere.
Propofitio 8.Probl.8. -
Indaso guadrato circalum deferibire.
, SI: in dato quadrato ABC D circulus
defcribendus. « Bife¢entur A B,ADin
E.E; bacper E qui-
dem dutatur alte-
rutriAB, CDpa-
rallela EH : per F
verdalterutri A D,
B C parallela FF.
; ~ SuatergoAK, KB,
L AH,HD;AG,GC,BIG. D pa‘_ralle-
eprop.34a. logramma , ¢ ideoque lateraoppofitz z-
ot i qug:lia._Et quiaA D?A quualgspl?mt, c-
runt & femifles ;arum A E,% F Ezqual:ls :
14,1, 4 quare & oppofitzillis F G, G Ezquales |
st »cr?mt.S_imihPtgrd_euionﬁrabimus vt:'lamq; |
GH,GKvtrique FG,GE zqualem effe. |
‘Suntigitur quatuor GE,GF,GH,GK |
zquales. Circulus igitur centro G, inter-
, uﬂlq voaharum G‘E. GF.GH,GXde-
feriptus, tranfibit & per reliqua punQas
fed & tangit reGtas AB,BC,CD, DA,
fquod.ansali adE,F, H, K re&ifint. Sie-
- mimcirculusipfas AB,BC,CD,D A fe-
. earct caderct qui ab exeremitate diame-

Bprop. rot,
hpropgsers
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i adangulos re@os dutitus;in éirculum,
squodeftabfurdums Non ergocircilus
centro G, & interuallo vnaharum G E;eprapiepy
G F,GH,GKdefcriptusfecat re@as AB, )
BC, CD, D Astangit ergo: & eft quae
drato ABCD infchpme:g?n dato grgc‘
quadrato,&c. Quod oportuit facere, -

Propofitio 9. Probl.y.

Circa datum guadratwm circnlim
d‘ﬁ’i&”Ub
| Srt citca datum quadratum ABCD
 &Fgirculus deferibendus : du@z relta
! - - AC,BDfein Efecents .
' Etquia DA,ABzqua~

les funt, AC commu-
D nis,crpntdugDA,AC,

duabas BA, A Czqua-

les¢ -fgd&ba;cs D’C,“"f”
Pes ‘BCaxqualfsfunt:he-24¥-97%
' runt ergo &anpuli-D A%], ﬁc_zqua-”"""" .
'Jes : anpulus ergo D A B re&d A Chbife-
. eatur. Similiter demonfirabimus quems . .
‘hibethorum ABC,BCD; CDAre&is . .,
iAC, D Bbifecari, Htcumanguli DAB,. -
"ABCaqualés fint; fineque EAB,EBA .,
¢ eorum dimid¥, ¢ erunt & ipfi zqualess
bl " La quas
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quare8¢latera E AEBaqualiacrunt, Sis
wiliver demonfirabimus viramque re&as
&~ qmBC, EDyverique E'A;EB 2qualem
‘offe Quatuor ergo EA, EB,EC,ED
seyrales fanw Igitur circalus centro E, in»
teroallovox harum E A E B deferiptus,
tranfibic &:per reliqua paadd, oft igicuy
circa A B C D quadratum defcriptum,
Ergo circa ddnum,&c: Qaod opoktuit fa-
L IR S gt e
“Propofitio y0.Probl, to. "’
Triangulumsfofecle coftituere, hapens
« Virumgue.qui sdbafim angulurs

. . duplem religwi.
LR EXponatu‘t‘ reéta
spropriat ~ —— queda ABys que
0 inC fic fecetur , vt
AB,BCcontentum
- zquale fiv-quadrato
- eaCA defcriptoJgi-
NS tut centro A, inter-
. IB ; udloABdeﬁ:é‘ibnur
1, citculus B DE, Beique apterurre@a BD
:;:,";':. zqualisipli A C; :z:ﬁlfl) A,DCiede-
~ fribatur circatriangulum ACD ciccalos
= ... MCD. Etcum quod. AR, BC continétur

equalefirciquodex AE g’ﬂdmo;ﬁtqg
A & A
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AC ipfi B D 2qualis ; eriv8imod AB,
B C continetyr gqualeei, guod ex B D,
Cum igitur extra circulum A CD accer
ptum fit punGum B, ab cods ad ciranbum
ACD cadentduzre§iz BCA.B Dugnar
rum vaa circulum fecat,altera et incsdit,
fitque quod A'B, BC continetur zquale .
¢ quog‘tx BD, dtanget B D citcylum 449374
ACD;cumiqueBD circulum ACD tan-
gat, a ta@u autem Ddu@afit D C,ecrit epropg g,
angulus BD'C Ql’r‘g_(ﬂb' D AC in'dlcerna
circuli portioneconfifténti zqualis. Cum
ergoanguli BDC,D ACfint aguales, ft
comunis © D Azddatur, erittotus BDA
duobus C D A,D A Cequalis:f{ad duo- frromssr.
bus CDA, D'AC zqualis gftexternus
BCD: e_rg:w'BQ A squalis eritipfi BCD:
fedipfiBD A zqualis ef CBD, cum &
glatera XD, AR Tint zqualia : quare & g2%1s.1
DBRA;BCRisqualenerunt ntees ergo !
BDA,DBABCDfuns equales : & -
cumangWiRBC,BC Daqualesfintoe-: - .
runt& latera B Dy D C2qualiag kd BD
ipfi C A_ponjtirizquala ;: funt ergo & -
AC, CDaqualia: vade &aoguh G DA, -
D ACazqitales eriine:ergnanguls AL
DA Cdupli funtaoguki D & C2cft yerd -
&BC D aquplisdiobus CDASDAC; .
. - L crge

»
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ergo BCDWuplus eft ipfins D AC¥e
cum veerqueBD A, DB AanguloBCD
fit aqualis, duplus erit: weerque reliquo
D:A B. Triangulum ergo if(:]l'celcs‘. &ec.
Quodoportuitfacere,
" "Propofitiorr. Probl.rr.
Datocircnlopentagonnin agwilsterum
| O aguiangulup inferibere.
i dfociculo ABC DE pentigo-
) pum zquilaterum & ¢quiangulum de-

%e
g
o S

.

fetibendutn. Exponatur trisagulum ife-
_ foeles duplum habéns vrtushgs angulam
oprop. 1. 4. 2d G, H, elusquicftad F;8 ainkersbatur

cir¢ulo- A BCD E trisagulum ACD2-

qui o triangulo-F G H;ita veane

Esulo‘ zqualis fit angulus G A D; angu-

s G, H anguli ACD,CD A. Etquiav-
- terque ACD; CD A duplus eft anguli -
b0 CA D, bifecentur re&is C Ey D B,iun-
c , gan-
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ganturque ABBC,CD,DEE A/Cum
s#aque vtergue angulorum A C D, CDA
duplus fix anguli CA D, bife@ique fint
reQisCE, DB, crunt quing; anguli DAC,
ACE ECD,CDB, BDAzqnalesu\-
ter fe: ¢ B¢ cum @iqualesanguli zqualibus corpsty
peripheriisinfiftant, crunt quinque peri-
pheriz AB, BC,CD, D.E, E A zquales:
dfed equales peripherias ¢quala
fubtendunt ; fiint ergohz quinque rediz
AB B Cg Cb;»b E, EA qmlcs ‘Cﬁt‘“
Qpcnta ohgm A’ BCD Eq@ul}numm.
%ico uod& zqulanguium SuiAB,
DE pcnphcnz zqualesfunt, ﬁ commu-
tisBC Daddatur, erunteotz. BCD AREYRE
EDCB zq ual'cs ; & infiftic péri ipheriz
ABCD angulus & ED; eﬂl;hcrlz v;-S-
mB’CDF_an ilus B A EP nfuh drp o,c prep.3p 33
AED,BAEZng uli 2qu %
(auﬁ,qmlibct an ulomm ;fB C"B
C DEvtriqueA D,BAE? da-ﬁs c.‘t’i'tj Lhgnd
elt ergo’ pentagoniim ABC D E gl
;hgulum,aemonftra:nm auiém eff ciuoc‘,, Lorceg
& x u}laterun’: Dato érgocirciila,”” °.
e %od opomut st e
, 3, i lacere Uy o
<L QG(‘O)SO‘ AR ELIR

Y L Pro-

dpropssd
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: xl'rm&tmz»mw,u- -
Cm'l datom cirewum.peniagownm o
gmlatmm &« uungulnm -
dq/‘:"bnv LS PN

It Ol’orteut circa c:rculu(xln A,B‘éﬁﬁ

_,1 uyg gdﬁum zqunlatctum & xqui-

T L ,-“r’,; A S Mq#ﬁﬁbe-
NP

ATV .1e. Cogitenturag
5T ulomm énta 0+
g vm&f%%. ¢
wé Xk
,( it

T 0 ﬂ d’gcanturquc pe;
gcntcs-cnrcu um,,{cac i mtpt‘centr au'-

.85 angmt? ug m‘ '
e \%zgtaaﬁla%oﬁg %
kbpn) AT 2 J.E . g}fang u,wgéﬁf ,v-

DE LK
- c‘“

]

& e h n
rpors SR A

ex Ff(cquﬂe :lhs, quz Xqua-
dratis. Eadem de cauf¥’, crunt quzex
FB, BK zquaha illiy quod ex FX:
funt ergo quz ex F C‘&( zqualia illis,

SO S W que
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sexBF ﬁK orum quo, exFCa-
*‘m" ¢ ;,@:3:: FB.;nn‘gkltu;& re-*quiaF ¥, .
exCK a‘;nehqu'o.quod FC funtan
ceBIC 9?:3 K gquatesiEt qoia 710"~
nt, qp(mmnms FK,e-centroad
‘% uabus CF,FK 2qua- peripheri

C K!qualu sd eigo & m.
i, ga“ahﬁ cripepgulo K F C: 477004

o FX Gieltergo
nmnguh 1& BC: &

O sandsm

}Pﬁﬂnﬁf weGEL:

\ mﬁw (L FaGumg pe-
qs‘g%ﬂqﬂprug%&q(em 1170

.Gz.ﬁl?mua saftin
~dn s»DEG verordyplog

£ FL.
8 EXC,.B LCduosifrrepssn
aDéta wgnelesaltcrum,
tety j'r vmlamW"ﬂm
commung tegg rlatpraren
liquis zquali mquc relx um rc-
liquo. S'l.tn& :ﬁi’e&z‘
m-ngu»mw@r« L Czquzfcs,mm-'
aeKC \nh‘sﬁr&{... duplagiR Li-
PlusKC, , sm decaufa demgafirsbiy
. tu;,HKdu P BK; & cqm d_cgnam’
&atumﬁt k,q gahsgc, ug L-du C o
U La pla '
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‘@ | phaipfissKC, 8
HK: ,_'dugla ipfiug
BK; gt &HK
ipfi KL zqualis. Si=
militer demdftral
bitur quzlibec ips
- - &M i GH, GM;

" MLvtrig; HK,K L ¢qualisicft érgo pen=
tgonum G HK LM zquilatetam, Dico
quod & zquiangulum. Cutn tdim aﬂ,gu‘!g

FKC, FL Czqualesfint, oftenfigde r
HK Lduplesipfius FK C&ipfins FLIQ

duplesK L Mjerit 8 HKLipiKLMe:

qualis. Simititer démonfteabitir quilibed
splorimK HG, HGM,G ML vrrigue

HK LKL Mzqualis. Quitiquecigaans'

. gt GHKHKEKEMLMGMGH

- funtzquales; Zquiadgalun ergo éftpen-
vagonany, Offeafunauterh eft & 2quila-

terem’, & eft defeciptuity circa circulum®
ABCDE.quodeportebatfacerd,”” 2

) 3 _"l‘. .Propoais'gréblfls" . . 57‘!

Dato pentagons equilateras. & aquin,

- atgwlocirculuminforibere. -
Op&;t’e‘at dato’ ;‘:’é‘n‘ta zono zquilatero
S & zqniangulo ABCDE circulum!
sprpa.r, infcribere, 4 bifecetur 'vtcrq;anglhlor,um '

CcD,




rrhkziwm i
B CD,CDEré&isCF,DF,&ipun&o

F,io qooCF, DP,concurrunt,ducantur
rReFBFAFE&uaBCCDoqusr
: C,

les funt, communisCF , eurntduz
CF duabué D'C, CF #quales, S angulus

BCFangulo D CFzqualis:b ergo & ba- bprepgas,

fis B F, bafi-D Faqualis erit, & triangu-
lum BF Crriangulo D CF, reliquiq; an<
guli reliqois, quibus zqualia latera fube
lenduntnr‘,équalcs crunt. Suntipiturane

A ' gh€BF,CDFe=
AN quales. Et cam an.’
g gulus CDE doplus

fitanguli CD F; &
- qualesquté & CDE,

= NS X ABC;&CDF,

@ K 2 CBF;erit&CBA'
duplusipfius CBF: zquales ergo funtA -
BF, P B C: bifccatur ergoangulus ABC-
re&aBF. Simifiter demonflratnr gnem-’
IibetangutofumBAE, A E D re&is FA,'

RETRARIY

F B bifecarl: ¢ Ducantur eniin 2b F 2d eprgpray

A B,BC, € D, DE,EA ré@aperpendi-
colares FG,FH;PK,FL,FM. Quiacgo
anguli HCE, K CF zquales funt; FHC
reQlus,zqualisfe@o F K Ciorunt duortri-
angn}a FHC, FKC duosangulos duobus

cgutks habentia vnumquelatus vni,F C
' latus

-
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A gy latuscammune, 8
AL vnizqualinmangu.
E lorii fubtélym, dha-
" bebuat ergo & relin
* qualaterarcliquisg.
qualia: funtergo per

dprep 201

(S

R - pédiculares FHLEX

@quales. pari modo demonttratur quali-
betharum FL, FM, F G verig, FH, FK
zqualis. quing; ergore@zF G, FH,F K,
F L,.FMeaqualesfuat, circolusgrgocen-
tro Fyiatecaallo vaa harom F G,FHLFK,
F L, FM defcriptus, tranfibit & per reli-
qua puntta,angetqirectas AB, BC,CH,
DE,EA,coquodangglied G, H,K,L,
M re@ifing. Quod fiillas noh tanga, fed
fpcer;cader. queabgatretnitate diagnetri

ulosreCtosduciwgrintra circulum;.

adag 3dircuinm

prop.16ar. eau;ﬁ.abﬁ!rdum cffe aftenfumeft; non:
erg; §i;¢ulgs;a_n?xaF., ' mtﬁﬂlaﬂo FG,.
FH, u

FKF L, FM defcriprs focat re@as

;oo ABRBGCDDEEAsargotanget,
I =;xdatpscg9y¢nta§oe's»,au349f'-: - A

1), porepit

[P S PN SN

ACEre 11 s

>

U e Pro-..
[ VA S S e BB
- &

Bt e A AT

i xa;.jf'v%%é{;!*:f -

S, IR,
l.'l. -



‘ BYIRER IE 43
. Propofr4.Problrg. '~
Circaduinmpews agonnm aguilate
- TRm & wqaiangwlutn civen-
. I_gu'n'dzﬁribn;t,r_:.;

) Portear citea
. \~/datum penta-
™ gonum zquilaterd
& zquiangulum A
dB e? nll: E circulom
- *defcribere, - Bife-

S D, ectur vterq; angu-
tforum BCD,CDEre@is CF;F D;&ab
F puntoin quore&z concurrunt ad B,
A Educkrurre@e EB,F A,F E. Similiter
ergo, ‘vtin precedente ; demonftrabituc
queslibetangulorli CBA,BAE, AED,
teQisBF,FA, FE bifecari. Etquiaan-
guli BCD, CDE zqualesfunt, cftfue
FCDdimidiusipfius BC D& CD Fdix
midiusipfins C D E;ecumt FCDL,FDC

u:-,

""" F 3 0

wquales, bquare& latecaF C,EDzques b prop i1,

Jia erunt.Similirer demSfirabicur; Guams
Ebetipfarum F B, FA, FE, yuilibee FC,
F D zqualem effe; Quinque ergoF A3
FB,BC;F D, F Ezqualcs funt. circulus
igivds. centro F 5 intcruallo Vna‘hé;xzﬂ
Coo »

Y |
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F A,FB,FC, FD,FEdefcriptus,tranfi-
bit& perreliqua pun&a; eritg; circa pen-
tagonum A B CD E defcriptus.Circada-
tum ergoy&c.Quand facere oportebat,

Propof1§.Problys.

* dn ditocirculo bexagonum 7!:'1‘-
" sernm & aquiangwlumde-
feriberes.: .
: S-It ip dato sirculo
)ABCDEFhexae i
gonum 2quilaterum |
. & zquiangulum des ’
fcribendum. Dulls
diametro A D,fuma~
tur centrum G, atq;
.centto D, interualle
. ! D G defcribawr cir |
, H: ' chsEGCH: &
du®z EG,CGproducanturad B,F,ivne
unsudueA B BG,CD.DE, EF,E A, \
ico ABCD E F hexagonum zquilate~
rum & zquisngulumefle. Cam enim G
centramfit circuli A B CD EF, erung
GE,G D zquales. Et cum D centrum fit
circuli EGCH, erunt & DE, DG gquales.
sense  Sed GE oftenfacft aquaisipli DG; e erit
3 ergo
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o& G Ezqualisipfi E D: triangulum
;gEﬁG D.zq?lila;crg‘: m eﬂ,&,trcsﬂ guli
¢ins EG D, GDE, DE G zquales,
cum ifofcclium triangulorum anguli ad
bafim zquales fint.Et quiatres angulieri- boropape
;nfuli duobusreQis gquales funt,erican-
gulus E G Drertia parsduorum re@o: .
Similiter demonftratur D G Crertia pars
efleduorum rer&(;)rum. &cumre@a CG
fuper E B confiftens ¢ angulos deinceps, cprop.1p.i;
E%} C, CGBduobus rc%t“iszqualcs Fas- m
ciatjeric & rel quus CGB tertia pars duo-
rum re@orum., funtigituranguli EG D,
DGC,CGBinuvicem zquales; d crunt dprop, 12.9
igitur & qui ad verticem BGA,AGF, * /¢
G Ezquales , ¢ zqualesautemanguli eprop.aez
zqualibus peripheriisinfiftunt : periphe-
rizergoA BBC,CD,DEEF,FAfunt g, ,,,
zquales, fzqualibusautem peripheris z-
quales re@z linez fubtenduntur: fex igi-
tor re@z zquales funt ; ideoque hexago-
num AB C DE Fzquilaterum ¢ft. Dico
quod & zquiangyum. Cum enim peri-
pheriz AF, E D zqualesfint: i commu-
nisABC D, addatur, erunttotz FAB |
CD, B D'CB A zquales: g Sedperiphe- g 4.4
riaF A B C Dinfiftivangulus FED; peri-
pherig verdEDCBA,angulus A FE;funt
- . crgo
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ergoangili A FE, D E Faiquates, Simi-
liter demonfirabitur reliquos hexafoni
 ABCDEFangulos, vtriq; AFE, FED -
1. qualesefle.Eftergo hexagonii ABCDEF
wquiangulum : oftenfum et dotem &z~
uilaterum, & eftin circulo deferiptum.
zn datoergo circulo, 8¢, Quodoporte-

atfacere, R

| (orollariwms.:

.Ex his manifeftum eft latushexagoni
. zqualeefleei, queex centrocirculi. Etfi
b propazg. perpuna A, B, C, D, E, F b tangentes
) . circulum re@z ducantur, cifcacirculum

hezagonum zquilaterum & zquiangu-
lom deferiptum effe, veinillis que de pen-
tagono di@a funtviderelicet. Preterea
juxtaillaquedepentagono diafunt
in dato hexagono circulum :
v ¢ deferibemus, -




‘ L1 B-R-R- 1V 2%
" “Propbf16.Theot.1s, -

Indatociveulo gw'ndmgmnmquio
Aaterumer quiangulum dy-

- Sersbereo, o
. A Porteatin
: Qdato cit=
cudo ABCD
~ quindecago-~

/ .num gquilates
rii- & zquian~
i D gulum ‘cllefcrif
A " beres. Deforie
Bt L R S R -ba,tu.r'.indftll'
lo ABCD triangulizquilaterilanis AC
pentagoni equilateri A B. Qualivmergo
totus citctliss partium eft quindecim , ta=
liam eft A B C peripheria, tertia circuli
pars exiftetis; quinque; A B, quinta ;an
circuliexiftens,triumiparsergo B Cydua-
ram; qusﬁ itt Eabifecetur, erit qualibet 4 propavg
peripheriarum'BE ; E C decimaquinta
parscirculi.Siergo dutisteis BE,EC,
;is zquales in cpnt‘iinnum girculo reéhas
aptemussetit quindecigonum gquilate borep. gt
rum, & aéquiaﬁ%ulum dcgfcriptum. Quod s
facere oportuit. '
T M EVCLI-
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QVINTVM.

Definitiones.

t Parseft magnitudo magnitudinis, mi-
nor maioris', quando minor metitur
maiorem. Ve,2.e5tparsipfius 6,atnen
ipfins y:quia 2ametitur 63 10 metitur 7.

¢ Multiplex cft maior minoris, quando
minor metitur maieré, Ve 6. efémul-

2iplest spfius 2.4t 7.5pfins 2.multiplex né
*  eit.Quinz2.metitur 6inonstemy, /

3 Proportio eft duarum magnitudinum
ciufdem generis mutua quadam fe-
cundum quantitatem, habitudo.Pro-
portsecrgo St smer res einfdems generia
Urinter numeres , lineas , fuperficies,
corpara,cre. ,

4 Proportioné inter fe habere dicuntur
magnitudines,que multiplicate pof-

funt feinuicem {uperare. Vide ligsaet
snter dngwinm conisngentin & retiili-
) T g

<
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§ Incadé proportione dicuntur effe ma-

L1kgk P 49

ke guscrcumaq, proportibnienm n¥ effs.
* - Quialicet prior sninfinstR mnltsplicea

tur;ningudtinsén fuperibit pofteriori,
gnitudines; prima ad fecunddim, & .
tertiaad quirtdin,quandoeque mul=
tiplices, primz & tertiz, 2qué muli-
plices, fecunde & quarta, fecundum

q;:amuis multiplicationem, veraque
|

vtraqs, vel 2que deficifit,vel F’quﬁ«
quales funt,vel ¢quc fiperant;fior-
dine fumantur. Vefboruim guarnoy’

Y umérorum 3.6.4.3.primi &9 tertij ac-

ipiantuy aqué multipliees 16,6 §. fo-
mgmzm:.&zé'nm ur ed
or dsme, quo numers , guor i it mnl-

S tiplices; hot nimiravs 18, 13. 8. 9. Finrls

primses wittior Jit febwudo,eris & tersink
guartominidy s & Smaior s inaidr, ff 4=
qualis, dqualis, fi ingnam boc femper
Contingat dicetur quatuor maghstdi-

© % wes in cadéms bffi proportiones.
"6 Magnitudiries qug caddem progortic=

* ném habens, proportionhales vocan-
tur.Ve 4.0 25itém 6.0 3.6nm habeand

dicuntsir pr (ortimalu.

1 éandemproportionem, nempe dnplm.,
"4 Quando¢qué muliplicium ivaleiplex

. primg fupcratmultiplilo:lcmfeénndz;

2 at
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st multiplex tertianon fuperat mul-

. tiplicem quarte; prima ad fecundam
dicitur hsbere maiorem proportio-
nemquam tertia ad quartam. .

$ Analegiaeft proportioaii fimilitudo.
9. Analogia in tribus minimis terminis
conﬁgﬂ_it.!Vt in his numerss 4.6.9. Vt €=
nim eSt primus ad fechidum ,ita fecnn-
. dusadtertism, _ -
,ie¢ Cum fiterint tres magnitudines pro-
portionales, primaad tertiam dupli-
*.. - catanrproportionem habere dicitur
eius,qui habetad fecundam. Vecam
Suersne proportionales bitres nymeri
. a.4.8.erstproportioguam babet 2.4d 2.
. dwplicatacins,guam balet ad 4.
st Cum fuerint quatuor magnitudines
. ptoportionales prima ad quart eri-
-plam proportionem habere dicitur I
cius,quam haberad {eciidam. Et de. |
inceps femper vna amplius quoad |
viq; proportio extiterir Ve it pro-
. portionales biguatuor numers 2.4.8.
16, erisproportio quambabet 3,ad 16.
_ triplaciusquam babet ad 4.
12 Homologg,feu fimilis rationis magni.
tudinesdicuntur effe, antecedentes
antecedentibus, confequentes con-
fequentibus, ‘
3 Fer-
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- 83 Permutataratio,cft fumptio antecedé-
" ‘tisadantecedenté, & confequétisad
confequentem.Dem@frarur prop.i6.
- ingquacumest vt Aad Bista C ad Deit
© gwog, permutado, vt AadC;itaBad D, .
14 Conuerfaratio,eft fumptio confequé-
tisvt antecedentis ad antecedétem,
vtad confequentem.Vide cor.4.prop.
15 Compofitio rationis eft fumprioan-
- tecedentis vna cum confequente,ve
vnia,ad confequentem. Demifrarnr
propasanquacumestvt ABadED;
94 CFad FD;eit qnog, vt ABadFD;
i##taCDadFD. =
16 Diuifio rationis eft famptio exceflus,
quoantecedens fuperat confequen-
tem,ad confequentem: Demifiratnr
prop.iz.inguacum est, ot ABad B E;
$t4CDad DR, eft quoque vt AEad
EB:i#a CFadFD.. o
17 Conuerfio rationis eft fumptio ante-
~ cedéisad exceffum,quoantecedens
confequentem fuperat. Demdfrarnr
prop.19.imquacumest vt ABadCD,
sta AEAQCFerit quoque EBad FD;
vtefFABadCD. ‘
18 Exzqualiratio eft cum plures fucrint
- magnitudines, &aliz ipfis numero
zquales,que binz,& incadé ratione
o ' 3 fumun-
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fumantur, fueritd; vt fin primisma-

nitudinibus prima ad vltim3 ,itain
Fecundis primaad vitimi, Vel eft fum
ptio extremarii per fubtra&tionéme
diarii.Demfiratur 2.4 gna cRefi vt

. AadBytaD ad E;¢rvtBadC,taLed

Fieritex equali, vt AadC,ita D adF,

19 Qrdinata proportioeft, cum fueritvt

" antecedensad confequentem,itaan-

tecedensad copfequentem;vtautem
confequens adaliam quampiam, ita
confequensad aliam quampiam. i

| Brop.20. G5 2358 primis magnitndink’

antecedens eSt Aconfequts B.aliaque-
piam C: sy fecundis antecedens eft D,
confeqnens E, alia quapiam F.

30 Perturbata proportio eft, quandotri-

bus exiftentibus msgnitudinibus; &
.aliisipfis numerq equalibus, fuerit
vtin primis magnitudinibusantece-
densad canfequentem; itain fecun-
disantecedens ad confequentem. Vt
autem in primis confequés adaliam
quampiam : jtain fecundisalia quz-
piam ad antecedentem.Vt sn21.623.
Prop. inprimis tribus magnitudinibus
antecedens oSt A confequens B, aligy
guapiam C. In fecundss ansceedens est
Eiconfequens F, alia quepiem D,

1
v s . -~
4

Pro.
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‘Propof.1.Theor.1.
Si fuerint quoteungue magnitudines
quotcungne magm'mdixum,qu[iam
numero,fingule fingularum agué mul-
tiplices, quotuplex e vnamagni-
~ sndovnimtosuplicesfant om-
" mesomnium.
Slnt quotcumque magnitudines A B,
CD, quotcumque magnitudinum E,
F zqualum numero,
At - L | fingulz lﬁa larum -
ue multiplices. Dico
€ Hy zuam mul‘:iplcx‘eﬁ AB
' ' ipfius E, tam multipli-
B FL ceseffe AB,CD fimul,
ipfarum E, F fimul. Cum enim quam
multiplex eft A Bipfius E, tam multiplex
fit C Dipfius F;eruntin C D tot magai-
tudines zqualesfiph F; quotfuntin AB
zqualesipfi E. Diuidatur A Bin magni-
tudines A G, GBzqualesipi E; E:CD
in CH, HD zqualesipfi F; eritquemul-
titudoipfarum A G, G B zqualis mulri-
tudiniipfatim CH,HD: cumue AG
ipi E,& CHzquilefitipfiF;erunt A G,
CH 2qualesipfisE, F. Eademdecanfa
crunt GB, HDiplis E, Fzquales: quot
. Mg ‘crgo
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erFo in AB {unt magnirudines Zquales
ipliE,totfuntin A B, C D zqualesipfis
E,F. Quz quam multiplex eft A B ipfius
E,tam multiplices funt A B, C D ipfarum
E, F. §i ergo fueriat, &c, Quod oportnit

demonfirare, o
Propof.z. Theor.z2.

Siprima fecundeequé multiplex fue-
'vit, atque tertiaquarte, fuerit antem
O quintafecundacqué multiplex, st
que [exta quarta;erit & compofitaes

grima & quinta qué multiplexfe-

cunde,atquetertia G fex-
ra,quarte,

. ESto rima A B fe-
: scyn gngué mub
riplex,atque tertia DE
quartz F: fic verd &
quinta BG fecunde C
-4 zque multiplex,atq; fex
al GI ¥ EHquartzF, Dico

) & compofitam ex pri-
ma & quinta A G fecundz C, zqué mul-
tiplicem efle,atque eft tertia & fexts DH,
quartz F, Cum enim quam multiplex
eft A B ipfius C, tam multiplex fit DE
. L ipfius
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ipfies F,eruntin DE tot magnitudines ¢-
qualesipfiF,quot funtin AB2qualesipfi
C.Eademque de caufa quot funt inBG
zqualesipfiC, tot erunt in EH zquales
ip% F: quot ergo funt intota A G zqua-
lesipfi C; tot funtin tota DH zqualesipfi
'F.Quam multiplex eftergo A Giplius C,
cam multiplexeft D Hipfius F.Ergo AG
compofita‘ex prima& quinta fecundz C
aque multiplex eft, atque tertia & fexta
D H quarta F.Si ergo prima fecundz,&c¢,
Quod oportuit demonfirare,

Propofitio 3. Theor, 3.
Si prima [ecunda aque fuerit multi.

plex.atque sertiaquarsesfimantur au-

sem aqué multiplices prima ¢ serties
eritex-equali [kmptarum virague v-

 #rinfque eque multiplex, alteragqui-

dem [ccunde s altera autem .
 quarsa,

ESw prima A {ecundz B zqué muli-
plex,atquetertia Cquartz D.& acci-
piantur ipfarum A, C cqué multiplices
EF, GH. Dicozqué multiplicem cffe
E Fipfius Batque eft G Hipfius D. Cum

' Mg cnim

P
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enim zque multiplex {it E F ipfius A, ar-
que eft G Hipfius C: continebunturin
GH tar nf\‘agnitudiues
zquales ipfi C, quotin
5 H EF zqua!l)es ipﬁ?ﬁ. Di-
! - uvidatur EF in magnite-
dines EK, K F, zquales
T IipﬁA;&GHinGL.
E ARG cpLHzqualesipli C. Ef
. autem multitudo ipla-
sum E K,K F zqualis multitudini ipfarum
G L, LH. Et quia zque multiplexeftA
ipfius B,ve C ipftus D; eftque EK ipfi A;
& GLiph Czqualis.erit & EX ¢quémul-
tiplex ipfius B,ve G Lipfius D. Eademds
caufa zqué mubtiplex cft K Fipfius B, vt
LHiplius D. Cum igitur primaEX fe.
cundz Bzqué multiplex fir,vetertia G L
quartz D; {it verd & quinta K Ffecund
B 2zqu¢ myltiplex, vt eft fexea LH quar-
tz D; 4 erit & cSpolita ex prima & quin-
ta EF fecundz B zqué multiplex, atque
¢ft tertia cum fexta G H quartz D. §
ergo primafecundz,&c. Quod
oportyit demon- -
firare,

4383

Propo-
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Propoficio 4. Theor. 4.
Siprima ad fecundam eandem babue
79t prapaxsionem,quans tertis sdquar-
tam; habebuut d'tgnm:ilti{li:e: pri~
ma& (7 textieadaquemultiplices fecun-
de s quarta fecundam quamue muk-
tiplicationem , csndem proportio-
nem,fi vt inter[evefpondent,
[smpsafuerint.

H Abeat prima Aad fecundam B eans

dem propartionem, guam tertia G
y ad quartam D. Etacci~
pianturipfarum A,C2-
} que multiplices E,F;
4 1 ic{)farum vero B,D qua':

Wi cunque aliz zque mul-~ ,
.T tiplices G,H, "Dico we ,
| [1] | ctEadG,inache Fad
% o H. Accipiantur enim -
KEABGM ipfarum E,F zquémul-

siplices K, Ljipfarumviro G, H gque

multiplices M, N. Etquiaita multiplex

et Eipfius A , vt F ipfius C :acceptzque - -

funtipfarumE,F zque multiplices K, L.

aita crgo multiplex eft K ipgus_A » VtLapropz
. L ' ipfiug
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-+ o ipfius.C;Eadem decau.
faita multiplex eft M ip-
. 1 fius B,vt Nipfrus D, E¢
4 quia eft vt AadB;iaC
ad D, acceptgque funt
I I 1 Y iplarum A;Ceque mul-

1

_ tiplices Ko; ipfarumve-
16 B, D alie quecunque
FCDEN M, N:ber gg Igfup:lm
M, fuperabit & L ipfam I§; & fi equalis,
g¢qualis ; i minor, minor; funtqueK, L
ipfarum E,F gquemultiplices ; M vero&
N funt ipfarum G, H ¢que multiplices:
¢eltergo,vt EadG;ita F ad H. Siergo
primaad fecundam , &c. Quod oportuit
dcmonﬁrarc/

' Lemmao.
' Quoniamdemonftratum cft,fi K fu-

- peret M, fuperare & L ipfum N; & fific

zqualis,cfle zqualem; fi minor,minorem.
Conflabit etiam, fi M,fuperet X, fuperare
&Nipfum L, &fi fit zqualis, cffe zqua-

- lem,fi minor,minorem, atqueidcirco erit

vtGadE;itaHadF.

Corollarium.

Exhoc manifeftumeft, i quatuor ma-
: guitu-
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itwdines fuerint proportionales, & c6-
uerfim proportionales effe. Hoc eff fiéff vt
A4d B3itaCad D effé quoque B ad 4, ut
Dadc. '~ - T
. Propofitio 5. Théor.s.
i magnitwda magnitudini aque msl.
tiplex fuerit ;asque ableta ablase ;6
religusveligne aque multiplex
erit arque totatoting,
SI: magnittdo AB magnitudinis CD
- D zque.maltiplex, atque cft ablata AE
. .ablatz CF. Dico & reliquam
A - EBjreliqug F D zque multi-
plicem effe,veclttota A B toti-
S us CD. Quotuplex enim eft /
Y AE ipfius. CF; totuplex fiat
D ERipliusCG:. Etquiazque
.- multiplex eft A Eipfius CF,at-
queEBipliusCG, aerit AE ¢que muls aprop.s.g
tiplex CF atq; A Bipfius GF; ponitur au~
tem A E gquemuluplexipfius C Fiatque
. oft A B ipfius CD:zqué ergo multiplex
¢t A B vtrinfque GF,CD: bequales er- bCaligitas
.gofuntGF, g P Communis CF aufe~evar.7, ~
ratur, &eritreliqua GC relique DF 2-
qualis. : Et cum 2que mubiplex i AE
iplius CF,atq; EBipfius G Cyefique GC
’ .&qua-
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o
tpo tigekv. | °
¥qualis DF. ¢queergo multiplex e AR
ipfius CF,atque EB ipfius F D, ponitur
autem & A Eipfius CF ¢que multiplex,
vt AB ipfius CD: zque ergo multiplek
EBipfius F D}atque A Bipfius CD; er-
goreliqua EB, relique F D zque multi-
plexeft, atquecft tota A B totiusG D. Si |
crgo magnitudo, &c¢. Quod oportuit de-
monitrare, Lot
Propofitio 6. Theor. 6.
i due maynitndines dusvuns waghi-
tudinum equé multiplices fuerint , &
ablate quedam fint carundem aque
minltiplices ;erunt reliquacifdems.
ant aquales ant egué | |
- multiplices. & |
Slnt duz magnitadines A B,CD dua.
rum magnitudinum E, Fzque thulti-
A © plices,auferantarg; AG,
K CHearundemB,F gque
d e multiplicés, Dico rell-
quasGB,HDipfisE, F,
G H aut zquales effe,aut gque
o1 ; ~multiplices. Sit primo
BD EF GBipiE #qualis. Dico
-+ &HDipfiFgqualé effe.
- Pona-
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Ponatur jpfi P zqualis CK. Cum igitur
A G zque mnleiplex it ipfius E, -atque
% . CHipfiusF; fit vers GB
. gqualisipi E, & CKipfi F,
- a'¢que multiplex. erit AB
ipfius E,acque K Hipfius F.
Ponitur autem gquemali=
6 plek A B ipfius E, stquseft
1 - CD ipfius F: xque ergo
] 1 . muliplex et KH ipf $ F,
: I I~atqncCDciufdcn]Fl m -
D E F ergo vtraque K H,CDip-
fiusFeque fit mulviplex,b ¢- beoRigiow
wqualiseritK Hipfi C D: Communis CH és axmmay
auferatur, & etunt rcliqui KC, ADg-"*% ...
quales. Sed K Cequalis eft Fergodd HD '

aprop.t.gi

widem Fequalis erit, Eftergo'GB gqua- |
lisipfE.& HDipfi F. Similiter demon-
@rabimus fi GBipfiusE fueritmiltiplex,
¢que multiplicenefle H D ipfius Fo
Si ergo dug magnitudines - -
- ‘Quod-oportuitde~ - < -

- monftrare.

Pro-
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:Propofitio7.Theor.z. ..
AEquales adeandem ;eandem habems

proportionem,cr eadem ad
, £quales,

Slnt magnitudines A, B¢quales, &alia
quecunqueC. Dico vtramque A,B
candem proportionem haberead C, &C
. eandemad cafdem A, B. Accipi-
.12 antur ipfarum A, B zque muki-
I ;I . P’j“s D, E,‘ &aliaFipﬁus C’ ‘vt‘
‘cunque multiplex. Cum igiturg:

et L1 quemultiplex fic Dipfius A, & E

sColligiowr "

e } 7§ Bacrit & D zqualisE;eft-
II

ipfius B; fit vero A zqualis

_qlue algt F étcunquc moultis
plexipfius C. Siergo D ma-
x B X forett ipfa Fyetit &g E eadem
F maior, & fi #qualis, zqualis ;fi minor,
minor; funtq; D,EipfarajA,B gqué¢ mul-
tiplices, &ipiius Calia F vtcunque multi-
plex:eftbergove AadC;itaBad C. Di-
co & Cad vtramque A, B eandem habere
proportionem. lifdem cnim conflrudis
oftendemus B zqualem efle E ; &aliam
quardam F, Siergo Fmaioreft D;erit&

" maior quam E; & i 2qualis, 2qualis;

minor, minor; eftque Fipfius G multi-
o plex;
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plex salige verd D, E vecunqué multipli-
exsipfarum A, B:ccftergovt Cad A, ita cdefs.5.
Cad B. Si ergo zquales ad eandem, &c.
Quod oportuit demonfirare. .
I

Propofitio 8.Theor.8.
Inequalinm magnitudinum maior ad
eandemmaiorem babet proportionem,

gquam minor ; Et cadem ad mino-
rem yiaiorem habet,quavs

ot admaiorem.,

S‘Iﬂt inzqualés magnitudines AB, C;

fitque A B maior quam G, fit&alia D

g quzcunque. Dico'ABad

" Dmaioréhabere propor-

- " tionem,quiCadD;&Dad |
A ' C maiorem,quamad A B.
. - Cum enim A B maior fity
I quam C; ponaturipfi C z-

qualis B E. Itaque minor ady/ ¢.ss
<« ipfarum AE, EB amulti-

X

8 plicetur, donecmaior fiat

"~ quam D.Sitprim6 AE mi-.

- norquamEB;&muleipli-
cetur A E,donec maior fiat o

I ] ] quam D,quzfic FG, Et
NMILD quam multiplex eft FG
- N ipfi-
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fpfius A E, tam mulciplex fiat. GH ipfias
E B,&Kipfius C.Sumatur L ipfius D du-
pla,M ripls, & itadeinceps vna plus quo-
* ad fumpta multiplex ipfius D, fiat primo
maior qui K,fumptaft N quadruplaipfi-
us D,& ?rimo maior quam K. Cum ergo
K primo minor fit quam Ns non erit K
minor quam M, cumque zque multi-
lex fit F Gipfius AE,& G Hipfius EB;
Eerit F G 2que multiplex ipfius AE,&

FH ipfius AB. zque autem multiplex

eft FG iplius AE,& Kipfius C. ¢ zque
ergo mufti’plex et FHipfius AB, &K
iptins C: funtergo F H, &K zque multi-
plices ipfarum A B, C. Rurfus comGH
ipfius EB zque fitmultiplex, vt Kipfius

d coligitwr C; fitque E Bipfi Czqualis: derit& GH

X 4k &,

¢def.7.5.

ipfiKzqualis. AtK non eftminor M ; er-

onec G H minor erit M:maior autem '

eft F G quam D;totaergo FHvtrag; D,
M maior eft, Sed viraq; D, M zqualiseft
ipfi N, cum M ipfius D fit tripla, vtraque

autem M, D ipfius D quadrupla: eft vero -

& Nipfius D quadrupla: ergo vtrag; M,

* Dzquales funtipfi N:fed FHipfis M, D

maior eft.¢ Ergo FHfuperat N,&Knon

fuperat N.quiaergo FH, & K funt 2que
multiplices iplarum AB, C; At Nipfius
T DPt-
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D vtcuniq multiplex eft, fhabebit A Bad fcomeni
D maiorem proportioncm qusm Cad D, /e yearw-
Dico contraD ad Cmaiorem habere,qui ::I:f.' *
ad A B, jjfdem enim conflruis, fimiliter 5 p,c;
demonftrabimus N fuperareK.& non fu- 0. mpererd,
perare F H. Etenim N multiplex eftipfi- mwiciples
us D:ipfarum vero A B,C vtcunque muk. #7=e 7,
tiplices funt FH, K :habetergaDad C i,
maiorem proportionem, quam ad A B., i
Sitiam A E maior quam EB,& minor EB plex servia
multiplicata fiat maior quim D, quz fit Kwes /a-
. @ H,multiplex quidé ipfi- 2=t wule
g . s EB,maior vere quamD, "f‘ iyt
Etquam multiplex cft GH fhesgligeols
A. ipliusEB, tam multiplex proporeso
i _lfat EGipfius AB, & K 4B4dD.
T ipfias C; fimiliterqs often. 7%= Cad
& B  &demusFH, &K ipfakm 227417
T T AB;Czquemultiplicksef-
f 3‘ - fe. Sumaturdeinde N multi--+ % . -4
-1 f plex quidem ipfius D; primmb

autem msior qaam' F@,ve

rurfus F, @ minot nen fit

NHM LD qoatn M; maior verd G H

quam D;itaverots FH ipfas D,M, hoe
eft,N fuperet; K veroipfam N non fupe-
ret,quoniam &GF maior quam GH,hos
eft,qui K, ng fiuperatN.atq; ita perficie~

: , 3 mus

’



. 196 5IBERY.
mus demonftrationem vt fupra. Inzqua-
lium ergo, &c. Quod oportuit demoa-
ftrare. 4
‘Propofitio 9. Theocr. 9.

%4' ad eandem ,eandem habent pro-
- portionem , aguales funs:Et ad guas
eadem eandem habet Grillefunt
aquales.

Abeat vtraque A, &B ad C eandem
proportionem. Dico A, B zquales ‘

dem propottiopem ;habet au-
tem ; zquales ergo funt. Habe-
- "L at deinde Cad-A, B candem
*.pf  proportionem: Diso A,Ba2-

*w . f - quales effe. Sinonfuntzqua-
bprop.85.. les;: B l?dn b.abﬁbit C ad A,B
sandem praportionem, Habetautemiz-

; Auales ergo funt. Quz ergo' ad eandedn,

s e &c.%osl?‘portuitdenoné .
y ‘frare.

apropbis. effe. Si noa funt zquales,s non |
1 AN :

AI P habebit vtraque A, Bad Cean-

’,TA: 2 w(0)see . -
S ;<0 L

Pro.
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Propofitio x0.Theocr. 1o,

Adeandem proportiomem habentium,
qua maiorem babet masor eft ; ad quarm
vero eadems maiorem habet , ngi-.

nor eff.

' Y_YAbeat A ad C maiorem
proportionem, quam B,
Dico A maiorem effe. Sinon.

T

go nor. nonzqualisevirag;lenim
T A,B candem habgret propor-
J i tionem ad C;atnon habet;nd

L { ergo Bzqualiseftipfi A, Non

-A aut A eft zqualis B, aut mi- @92.9.5

minor. quia fi minor effet A yrp.t. .

quam B. § haberet AadCmi-

B notem proportionem , quem

| B; at mon habet: non ergo’ A
minor cft quam B, oftenfum eft

antem quod neque firzqualis.

- maior eftergo A quam B. Ha-
beat rurfus C ad B maiorem proportio-
nem quam ad A; dico B mingremeffe,

quam A, Si non;aut eft 2qualis,, aut ma- cprep.s.5.

ior. Non zqualis, ¢ haberet enim Cad A
& B candem proportionem ;atnon ha- -

bet; non ergo A zqualiseftipfi B, Neque dprap.s. 5,

maioreft Bquam A; dhaberetenim Cad
. N3 Bmi-

'yl
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' Bminorem proportionem quam ad A;at
non habet: non ergo Bmator cft quam
A. Oftenfum cft autem quod nequez-
qualis.maior ergo cft A,quam B, Ad ean-
gem grgoproportioné, &c. Quod opor+
suit demonftrare,

Propofitio r1. Theocr.. y 1.’

Bnacidem eadem funt proportiencs,
& inter [eeadem funt,

QltvtAad B,ficCadD ;& vt Cad D,
ficEadF. Dicocfle ve AadB;itaEad

F. Accipiantur enim ipfarum A, C, E2-

que multiplices. GHK: ipfarum veré

M B, D, Faliz vtcunque -

que multiplicesL,M, N. Ec

quiaeft,vt AadB,itaCad D,

acceptgque funt ipfarum A,

C zque multiplices G, H;

G A B L ipfarumverd B, D vecunque

S a5 s zque mulriplicesL ,M : aet-
oIz Ea fi G excedit L, excedit &

ipfam M, & fi zqualis, z-

. qualis; {i minor,minor.Rur-

[1 fus cum fieveC adD;itaE
H < DM ad F, & acceptz fint iplarum
GE equemultiplices H, X;

-  iplas

et

3
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' Ty.yz ipfarumverdD,Faliz vtcun- bd sl
i quezque multiplices M, N.
dergofiexcedit Hipfam M,
{ } excedet & Kipfam N; & fiz-
: I L qualis, zqualis ;i minor, mi-
K E ¥ Nnor. Sed fi exceditH ipam
- M; cxccdct&GipﬁmL;&_

fi zqualis,zqualis ;i minor,micor. Qua- -

re (? excedit G ipfam L, exceder & K
ipfam N; & fi z?ualis s zqualis 3 i mi-
nor ,minor. Et funt quidem &G, Kipfa~

rum A, E #que muleiplices : L. ,Nve-
ro ipfarum B, F funt aliz vtcunque 2-
que multiplices. Eft cergo vt A at B;cdofspn
- jita EadF. Que ergo eidem, c. .
Quod demonftrare o~
portuit.

«(:o:)sq-
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Propofitio 12.Theocr. 12.

Si guotcunque magnitudines propor-
tionales fuerint, erit vt vnaantecedé-
tium ad vnam confequentiugy ;s &om-
nes antecedentes ad-omnes

: comfequentess
SIm quotcunq; magnitudines A, B, G,
JD,E,F,vtquidem Aad B ; itaCadD,
& EadF. Dicovteft AadB;
itaefle A,C,Ead B,D,F.Ac-
cipiantur enim ipfarum A,
C,Ezque muldiplices G, H,
K:ipfarum vero B, D, Faliz
G A B L vtcunque aque multiplices
. L,M,N. Etcum ficvt Aad
B;1taCad D; & E ad F,acceptzque fint

-ipferum quidem A, C, E zque multipli-

LIZ S° G,I:i, K ;ipfarum vero l?,
D,F.ali¢ vtcung; zque multi-

: plicesL,M,N;ergogaG exce-
{ g | filoescedecds Hipsi Ntk
ipfach N ; & fizqualis, zqua-

H q'D'Mlis;ﬁ minor, min%r. ngrc fi
excedit Gipfam L; excedent & G,H,Kli-
PfsLaM, N, &figqualis,gquales,fi minor,

_mino-
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minores;funtque G;&G,H,
JILIZ  Kipfarum A,&A,C,E,¢qué
multiplices; & quia {i fucrint bprep.stl

. | quotcumque magnitudines
[ 11 | quotcung;magnitudinum,
K E F N zquilium numero fingulz
fisgulorum zque multipli-

ces, quam multiplex et vnavaius, tam
multiplices funt omnes omnium. Eadem:
decaufafunt, L, & L, M, Nipfarum B, &
B,D,Fzque multiplices. Eftergovec Aad
BsitaA,C,Ead B,D,F.Si ergo quodcum-
que;magaitadines, &c. Quod oportait

demonftrare. o
~ Propof.r3.Theor.rs.
Si primaadfecundam eandem propor-
tioncm habuerit ,quamtertiaad quar-
2ams ; tertiavvero adquartam maiorems
babueris,quam quinta ad f¢xtam; ha-
 bebit & primaad fecundam ma-
~ dorem,quam quintaad
[extam. .

Rima A habeatadfeciidamB candem
proportioné, quam tertia Cad quar-
tam D. Tertiavero Cad quartam D ma-~

iot€ habeat, quam quinta Ead fextam F.
‘ Ny Dice
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: Dico primam A 3dfecun-
_ dam B maiorem habere,
S 8 quam quinti E ad fextam
1 F. Cum enim Cad Dma-
$ iorem proportionem ha-
beat,quam Ead F;fintque
T ipfaram C,E qugdam gque
N muiplices; ipfarum verd
D, Faliz quzcumque:ac
muliplex quidem ipfius C
- excedat multiplicem ipfi-
us D ; multiplex verd ip-
' " fius E non excedat multi-
1 plicem ipfius F. Sint ergo
I i;if arum C,E afqué m]t;lti-
= icesG,H:ipfarum D, R
¢ C D'K slizvtcumque?K, L, & fic;
1 ¥5 3 vtGquidemKexcedac:H
- vero L non excedat. & qud
. * multiplex eft G ipfius C,
1 I ] | tam multiplex fit M ipfius
HEFI A;&quammauliplexeftk
© ipfius D, tam multiplex fic
NipliusB. Etcumfitve Aad B; itaCad
D,accepted; fintipfarum A,Czqué mul-
tiplices M, G ipfarum verd B, D alie vt-
cumque ¢gqué multiplices N, K,{i M {upe-
rat N, & G fuperabit K;& fi ¢qualis,equa-
lis:fi minor, minor : fuperatayté Giplam
' K;fu-
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X;bfuperabit ergo & Mipfam N:at Had

fuperat L;& funt M,Hipfarum A,E ¢qué bdef.s.54

multiplices ; N vero & L ipfarum B,F vt-
cumque gque multiplices{unt:chabet cr-
0 A ad B maiorem propertionem,qaam
“adF. Siergoprima ad fecundam, &¢.
Quod oportuitdemonttrare,

_ Propol14.Theor.14.
Siprizsa ad fecundam candem habue-
rit propertionems,quamscrtisaad quar-
Bam; prima autews quam tertia maior
- Juerit,erit & [ecunda quamquarts.

masor:Crfi equalis,aqnalis; fi
" minor,minor.

- Rima A ad fecundam B candem has -

.4 beatproportionem, quam tertia Cad
141 %uartgm D.& {it A quam
mator. Dico& B quam

. D maioré effe. Cum cnim

} { I A quam C maior fit, fitgue

alia quzcunq; magnitudo

. A B CDpg shabebic Aad Bmaioré
proportionem, quam Cad B, Vrautem
A ad B;ficeft Cad D:ergo C ad D maioré
habet proportionem;quam Cad B. Ad
b quam autem eadem maiorem propor-
tionem habet ;illaminoreft; minorergo
eft D quam B.quare Bquam D mii«;ir el
mi-

prod.n

barepd.gy
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$imiliter demonftrabimus fi A zqualisfit
C,& Bipfi D zqualéefle:&,fi A minor fit
quam C,& B minorem efle quam D. Si
ergo primaad fecdidam, 8¢. Quod opor-
tuit demontftrare.

Propof.1§.Theor.1§.

Partes cum pariter multiplicibus ean-
dem habent proportionem;fivt fi-
bimutuo refpondent , fu- “
: mantur.

SInt zquemultiplices AB ipfius C, &
DEipfius F. Dicoefle v CadF;in
ABad DE.Cumenim
A B ipfius C itamuld.
plex (it,vt D EipfiusF,
eruntin AB tot magni-
. X tudines gquales ipfi C;
H ~ _ quotfuntin DE 2qua-

"] T lesipfiF. Dividature.

B C 'E ¥ nim ABin magnitudi-
nesAG,GH,HB ¢qualesipfi C.EtDEin
DK, KL,LE zqualesipfiF, erit§; multi~
tudo A G, G H, H B zqualis mulitudini
DK KL,LE.Etquiatam AG,GH,HB,
quam DK, KL, L Ezqualesfunt, eritve
A GadDK;itaGHad KL,&BH ad LE;
' . . crit

. 18
G 4
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acritergo vt voum ansecedentiom ad v- 4 prep,ea.g,
num confequentium ; itaomneyantece- . ., .,
dentesad omnes confequentes, Eftergo .
vtA Gad DK;ita ABad D E: Eftautem
A Gipfi Czqualis, & DKipfi Fs ergovt
CadF;itaA Bad DE. Partesergo, &¢.
Quodaportuitdemonftrare.. . .,

- Propof16. Theor.16. :
Siquatuor magnitudines proportiona-
lesfuerint & permutasapropor- .
. : pionaleserunt,
S Int quatuormagnitudinesproportio- - .*
J nales A,B;C,D.VtAad B 7itaCad D.
Dico & permutatas propor-
14 tionalesefle:VtAad C;itaB
. ad D. ‘Actipiantur-enim i~
' i e 1 pfarum A, Bgquemultiph-

-‘0

 ces, E, Fsipfarum C, Daliz

Tl

vtcumque G, H. EtquiaE,

EAD Fr atqu::l multiplices f(\lmt ip-
T - 'farllm A’ B, L} h?bcntq; P’f‘ a’r',' 'I'I;

‘ © . -tes eodesy modas moltiplie

i 126 cium eidem prapdrtionem

- I . 7 interfecSparateeritve Aad

L I % BjitaEad F.Viverp Aad B;

- 4L T-1 itaeft Cad D2 érgovt Cad

& CDH D;itachEad F.Rurfuscum

G,
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- G,Hipfarum C,D fint 2que multiplices;

bprp.ay.s beritvt Cad D, izaGad H. ViautemC

vpropag.s

dd&f. 5.5

.‘(_ 1 A l’.“

adD;itaeftEad F:ergovt Ead Fjitacht
Gad H. ¢ Cum auté quatuor magnitudi-
nes proportionales fucrint , & primaqui
tertia maior fuerit,erit & feciida qué quar
ta maior ; &,fi #qualis , zqualis; (i minor,
minor.Ergo (i E fuperat G,& F fuperabit
H. &,{i zqualis, qualis; {i minor, minor.
Suntautem E, Fipfarum A,B,2que mul-
tiplices. G, Hveroipfarum C, D vecam-
quefuntzquemultiplices. f Eftergove
AadC:ita Bad D. Siergo quatuor ma-
gnitudines,&¢. Quod oportuir demon-
fteare. - - -
o F
.- . Propofi7.Theor.17..
~Si compofita magnitndines proportie.
" melesfuerint, & dinifeproper--
" tienales erunty, ;

,
L oA

3 SInt ci;uipoﬁzz magnitudines AB, BE.

CD, DF proportionales. Vtquidem
'AB,ad B'EitaC D,ad D F, Dico & diui-
fas proportionalesefle, vt AEad EB;ita
‘CFad FD.Accipianturenimipfari A E,
EB,CF,F Dzquemultiplices GH,HK.
. L M, MN- ipﬁﬁi Vel‘b EB’ FD ‘li‘ Vtcﬁ‘
S que
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X quezqué multiplices K X,
I> P NP. Etquiazquémuli-
plexeft GHipfiusA E, vt :
X HKipfiusE B; 4 erit GH aprop.1. &

N} ipfius AE ¢qué multiplex,
- g! Bp | vtGKiphusAB.gqueau-
I{ Py tem multiplex eft G Hi-
"1 I pfios AE, vt LM ipfivs
. @ACL CFb ergo ¢que multiplex ¢ PTOpIL
eft G Kipfius AB,v¢ LM ip?ius CF.Raur-
fus quia equé maltiplex eft LMipfins CF,
vtMN iplius F D; ¢ erit L Mipfius CF cprop.r. g
xquémaltiplex, vt L N ipfius C Di2que
autem multiplex derat LM ipfius CF ,l-.vt
GKipfius AB: 4. ergo GK zque multi- L
plev c%tipﬁus AB,:trIg.. N.ip\ﬁ'ug CD.Sunt - vm
ergoGK, L Nipfarym AB, CDaqué
multiplices, Rurfusquia HK ipfiusEB
equé multiplex eft,vt M N ipfius F D.Eft
verd & K Xipfius E B zqué multiplex, vt
N Pipfius FD.«¢ erit compofita H X ipfius <o 1. 4
E Bzquémultiplex,vt M Pipfiuss DF.Et  °
quiaeftvtABad BE;ita CD ad FD;fum-
pta§ue funtipfarum AB,C D zque mul-
tiplicesGK, LN. Ipfarumvero EB,FD
aliz vtcunque zqué multiplices HX,MP.
Siergo G Kfuperat HX,& LN fuperabic
MP, Etfizqualis, equalis; i minor, mi-
: not,

»
[ .



ddefog.5.

208 LIBER WV
X+ nor. Superet GKipfam
I> -p HX,ablatacommuni HK,
foperabit GHipfum X X,
X Sed i GK fuperat H X, fu-
: perabit & L Nipfam 1\‘/} P.
- B 1' Superet ergo L N ipfam
H EI i N ?’, fuperagbit (comllt’mni
I | MNablata) &L Mipfam
@ ACL NP.QuarefiGH fuperat
KX, & LMfuperabit N P. Similiterde-
monftrabimus, i GHequalis(it K X, &
L Mzqualem efle N P;& {i minor,mino-
rem.EtfuntGH, LMipfarum A E, CF
xque maltiplices. ipfarum ver6 EB, F D
alizvicumque KX,NPdEftergovt AE
adEB;its CF,ad F D.Siergo compofi-
tz,8tc, Quod oportuit demonfirare. - * -
: Propof.18.Theor.18. ‘
Si dinife magnitndines proportionales
fucrint, & compafitapropor-
_ tionalesedunt. e
SInt diuifz magnitudines A E,E B;CF,
JF D proportionales. Vt A Ead E Bsita
‘CF4d FD. Dico & ecompbfitaspropor=
‘tionales effe,vt ABad BE;ita CDad FD.
‘Sinoneft vt ABadBE;itaCDad F I
ficvt ABadBE;ita CD veladminorem
: FD;
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. a 18 “FD;vel ad tnaiorem.Sit primoad
g ___ minorem DG, Cum eergofit, vt
; € ABadBE;iaCDad DG,crunt :
, compofita magnitudines propor
g} | tiovales; 4 funt crgod diuifee,ve. :
Fr AEadEB,itaCGad GDjponi- apropay.s
% turautem vt AEadEB;itaCF ’
B D .adFD:berit ergovt CGadGD, bprep.11.5.
itaCFad FD, Eft autem prima CG ma-
iortertia CF: ¢ eritergo &fecunda GD
maior quarta F D; (¢d & minor eft: quod
fierinon poteft. Non ergo eft vi-ABad
BE;itaC Dad minorem ipfa F D.Simili-
ser demonftrabimuis,quod neq; ad maio-
rem FD;ergoad ipfam:Siergo dinifa, &¢.

cprop.ip.s

Quod oportuit demonftrare,
Propol19.Theor.1s.. ,
Sifueritvttotandtotam;itaablatasd
ablazam;Crreliqusadreliquameris,
wttotasdtotam.
ItvttotaABad toti CD;itaablats AE
ad ablatam CF. Dico & reliquamEB
ad reliquamF D effe,vt cfttota AB,ad to-
tam C D. €um enimfitvt tota A Bad to- .
. wnCD,ita AEad CF;acritpermutan-
| doABAdAE, vt CDad CF, b dai 117 s
IR : endo
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dendé BEadEA, vt DRad
F G; rurfusque permutandove
BEadDF,xta EAadFC. Ve
verd AE ad CF; fic ponitue
aprq 5. tota ABadtotamCD. ¢ eft
ergo reliqua EB adreliquam
FD,vttotaABadtotamCD.
‘Siergo fuerit,&c. ondopor-
- tuitdemoaftrace.

(oraﬂarmm_:

Et quia demonftratum eft, vt elt AB

dprop.ss.g.ad CD,ficeffle EBad FD,érivd permuti-

dovtA Bad EB;itaC D ad FD.compolfi-

4¢ ergo maguitudines pportionales funt.

Oftenfum cft autem;¥seft ABad A E;ita

efic CDad CF, quodeft per conuerfio-

cdaf 17.5- né ratiobis. Vnde perfpicuum éft,fi com-

‘pofitgmagnitudines proportionales fint;

& per conucxﬁoncm rationis proportio-
naleseffe. -

FaBz autem funt proponiones » &in
‘zquémultiplicibus, &in analagiis: Nam
fiprima fécundz zque fueric multiplex,
atq;tertiaquartz; erit vt primaad fecun-
‘dam;itacertiaad quartam. Sednonitaex
contrarioconuertitur, Sicnim fuerit vt
primaad fecundzm,uuqma;d quartam,

non

nﬂ

U
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nonémninaetit prima fecundz, & tertia
qnhrtgzquemulnplcx,vtmfefqmaltcm. T
velfefquitertiis proportionibus, vel aliis
-lmmfmodx. : ,

- Propof.20.Theor.20.
83 fuﬂm‘ tyes mngmtud:rie:,é*du il
Ui wamero equales , gua bina & inea.
dem rat:me/i:mtur,exqmlzmmu I
primaguamtertismaior fuerit.eris ¢
. guarts qam/éxmm:or, esfia-
gusbasagqualicsfiminor, .
' mmor. S B
.,SInttresmagmtudmcsA ,B,C; &aluc
:pﬁs numero aquales D, E, F, ?qz bi-
n%z,&intadem rationefyman-
b tur; Ve tquidern Aad B;itaDad

" E. VtvcroBadC,ﬁCEad F,ex

i I zquali autem A maior fit quam
[

3

C. Dico & D quam F maiorem
cffe:& ﬁzqualxs,«;q‘ualem : fimi-
norminoté. Cum enind A ta-
- -'zo lorﬁt uam C; alia verd qua-
cumgq AHabebxti’iadBma(-:
1orem roportionenl GRam Lo g u9p 8,5
} [ adB. szdfmadn ficliDad T
DEF E viautem C(a)d B’itacﬁﬁco - bpropasig
t “uer-

)
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-uertendo Fad E: Ergo D4dEmaiorem
bprep.39.5 proportionem habet, quam Pad Ez;B-ad
candemautem proportionem habétinm,
quzmaiorem habet, illa maior eft; maior
eftergo D quam F. Similiter demonftra-
bimus. SiAfit zqualisC; & D zqualem
effc F; & fi minor, minorem. Siergotres
fuerint magnitudines,&c, Quod demon-
ftrare oportuits R
Propof21.Theor.21.
Si fuerinttres magnitudines , & alia
" pfis nimero aquales gue bina,Crin ca-
demproportionefumantny , fucrit an-
temearum pertnr&atg‘pfapoftia,é‘ex
agualiprimamaior fucrit quamtertia,
€ quartaquam [exta maiorerit,
- Ofiaqualis, aqualis, & fF

minor,minoy., G

, Inttres magoitudines A, B,

ZI SC,&aligip snumero gqua-

- ks D, E, F quz binz,8& in cadé

, I ratione fumantur fit afit pertur

o Be bata earum proportio ve Aad
T A BCR G EdFanBidC icDad
E;fitg; exzquali A qui Cmaier. Dico&

D maiorem efle ipfa F;&fi zqualis,zcllua-

: cm;

B
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. lem: fi minor, minorem. Cum
.4 2X ergo Amajor fit quam C, fit§;

alis quzdam B. 4 Habebit Aad aprep 2.5

_ Bmaiorem proportion,quam
1 I Cad B.fed vtA ad Bjitaeft Ead

DE

. F.Et §conuertendo,vt Cad B, bprop-s.s.

W F itaEad D:¢ quare EadFmaio- ¢ propd. s

rem proportionem habet, quam Ead D.
_Ad quam autem cadem maioré propor-
tionem habet,illa minor eff:minor cit er-
go F,quam D;adeoquemaior D quam F.
Similiter oftendemusfi A fiteequalis C, 8&
D ipfi F zqualem effe;& (i minor, mino-
ré.Si ergo fyerint tres ma‘nitudines. &
Quod oportuitdemonftrare.

Propof 32, Theor.gs.
Sifucrint quotcum g magnitudines, ¢
aliaipfisnumero aquales, quebina, &
“incademproportione [amantar, G

ex aqualiineadem propor-
" tiomeerunt, _
Slnt quottumq; magnitudines A,B,C;
&aliz ipfis numero zquales D,E, F,
quz binz &in cadem proportione fumd -
tar,vt quidem A ad B;ita D ad Ejve vero
B ad C;fic Ead F.Dico quod ex zqualiin
: 03 cadem
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\ cadem fint proporsi-
r 54 -otie: Hoceft,dicove
eftAad C;itacfle D |
‘[ { adfF. ,Suma'ntlu)r cnim
. ipfarum A, D 2qué
ABCDEF ;Emltiplice;G ’ Hq i-
G LN pfarum B; Ealiz ve-
1  cumqueK, L. Itemi-
. pfarumC, F alizvt-
cumq; M,N.Etcum
. fit,vt AadB;itaBad
- - E,acceptzquefinti-
) pfaruml_' A, Dzqué
multiplites G, H. I- -
1 1%% , pfarml:l B,E alizvt-
asrep. 4.5, cumque zque multiplicesK, L, 4 eritvt
g G ac:l K; itgHad L. ‘Eadem decaufaerit,
vtKad M;ital, ad N.-Cum ergo tres ma-
goitudines fint G, K, M;& alizipfis equa-
fes numeroH, L, N, quzbinz, 81 ca-
bprep.se.5 dem proportione fumuntur, b exzquali
fi G fuperat M, & H fuperabit N; fi zqua-
lis, zqualis;ﬁ minor,miaor. Et funt G,H
iparum A, D zqué multiplices. M, Nii-
cdefs. plarum C,F:eerirergo,vt Aad CjitaD ad
F. Si ergo quotcumque,&c. Quod
- oportuitdemonftrare.
T30

Pro-
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Propof.23.Theor.23.
Si fuerint tres magnitndines, & alie
spfis equalesnumero , qua bina , &rin
udempropommeﬁmmmr, ﬁtmtz,
earwmperturbasapropertiosdrex
aqualiineadem proportio-
acmmq.

Int tres magnitu-
z5 dines A,B, é,&a-
{ '[ i hz ipfis zqualcs nu-
{ mero bing,in eadem
ABCDEF proportione fumptz
D,E, F; it autem ea-
v $EL ZFMK rum perturbata pro-
. 1 portio. VtAad B;fic
s . EadF. ViveroBad
4T C; ficDadE, Dico
eﬂ'c vAadC;iaD
adF. Sumamunpfa—
%5 | ri A,B,D zqué mul-
tiplices G,H,K.Ipfa-
fum C, E,F, aliz vtcumqueL, M, N. Et
quia G, H ipfarum A, Bfuntzqué mul-
tiplices , @ partes autem codem modo o propss
multlplmum eandem habent propor-

tionem,crit vt A ad B;lic Gad H.Eadem
04 de
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: . decaufa erit; vt Ead
z3 F;ficMadN, cumg;
1 fitveAadB;itaEad
1 1 . Fsberitquoque,vt &
D EF ad H:itaMad N.Rur
KM fusquiaclivtBad C,

[

‘

bpropaaise 3 ;1

funtipfarumB, D z-
qué multiplicesH K:
ipfarumverd C,Ea-
lizvtcumque L, M;
, ecritvtHadL;itaK
cprop-£.5. ’ %3 ad M. Oftenfum cft
3 - autemn cffe, ve G ad
H;itaMad N.Cii ergo tres magnitudines
, G, H, L, propartionales fint; & aliz ipfis
' numerozqualesK, M, N, binzin eadem
roportione fumpte, ﬁtc’l; earum pertur-
dpropoarg ﬁata proportio; ex d zqualifiG fuperat
L; & K fuperabit N; & fizqualis, zqualis;
fi minor,minor,funtque G,Kipfarum 4,
Digquemultiplices. L,N verd ipfarumC,
edef.s 1. F,e EfYjergo, vt Aad Ciita Dad F. Sier-

gofint tres,8c, Quod opor tuit

demoaftrare,

36854

T ita Dad E,fumptzq;

.

Pro-
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- Propofitio 24. Theor, 24.
Siprima ad fécundam eandem habue.
ris proportionem,quamtertiaad guar-
2am; habeat autem Crquintaad fecun-
- dam canderMquam fexta ad guartam:
babebit & compofitaex prima d'qm'n‘-
t4 ad fecundam eandem proportio-
nem;quam tertia O fexta
adquarsam.

L]
HAbeat prima A Bad fecunds C ean-
dem proportionem, quitertiaDE
ad quartam F.habeat verd & quintaBG
ad fecundam C eandem proportionem,
-quamfexta E H ad quartam F.Dico com-
pofitam ex prima & quinta A Gad fecun-
- ~ dam C candem habere
z4 groportioncm »yqud ha-
‘ et compofita ¢x tertia
. &fextaDHad quartam - -
B F. Cum enim fit vt BG
adC;itaEHad F;aerit 2 Lewma
. cBuertendo vt Cad BG;»"- #5
ita FadEH. Et quia eft
. i veABad C:ita DE adF.
A Vevero CadBG;itaF
ad EH.BEx zquali ergo prop. 21 14

Oy efty
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eft;vtcABadBG:ita DEad-EH. ¢Et
cum diuilz magnitudines proportiona-
les fine, erunt & compofitz propottiona-
dprop.as les. Viergo A Gad GB;ita DH ad HE,
2327 Eft vero,vt GBad C:ita EHad F: dex z-
qualiergoeft; vt AGad®itaDHadF,
Si ergo prima ad fécundam, &c. Qamod
oportuitdemonfirare.

wopropid.s,

- Propofitio 2 5. Theor.z25.

Si quatuor magnitndines proportio‘u_t—

les fuerint , maxima Grminima

- dusbusreliguis mato-
reserunt,

S Tnt quatuor magnitudinés pportiona
'lesA B,CD,E,F,vt quidé AB,ad CD:
“ita E ad F.Sit maxima A B,minimaF, Di-

, coAB,&F,quum CD,

- B =¥ * Emaioresefle. 4Pona-

Bprop.3.. ] tur ipfi E zqualis AG;
&t ipfi F, zqualis CH. Cum

D ergo fit vt AB ad CD;

E zqualis A G; F verd

- CH.eritvtABadCD;
itaAG ad CH. Et quia

- eft vt tota A B ad totam
CD,

1 HI I itaEad F. Sit autemipfi

"ACEF



LIBERV. o2 :
CD;itaablata A Gadablatsm CH; berit bpropirsst
&reliqua G B ad reliquam H D, ve tota :
AB ad votam CD: maior cftautem AB
quam C D. maior ergoctiameft GB, qua
HD.Et cum AG zqualis fitipfi E;&c CH
ipfi F; crunt A G &F zqualesiplis CH,

& E, 8 cum, cquando zqualia inzquali- cav. &
bus adduntar, totafiant inzqualia. Ergo

fi (G B, HD inzqualibus exiftentibus&
maios G B) addanturipfi G B, ipfz AG;
&F;ipfiwero HD ;épflz CH, & E, colli-
gentur A B,8: F maiores,quam CD; & E.
Siergoquatuor, &c. Quodoportuitde-
menftrare. ’ :

Sequentes propofitiones non ﬁ;‘ngdilk,
féd a Federico Commandino ¢x Pappo Ale-
xandrino collelle. '

Propofitio 26.Theor. 26.
Siprima adfeccondammaiorem habue-
yss proportionem,quam tertis ad quar-
#am , habebis conuertendo fecundaad -

Pprimam minorem , quam guar-
-taad tertiam.
HAbcat A Bad B C maiorem propor-

tionem,quam D Ead E F.DicoC I:
‘ . »
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ad BA minorewm habere, qui FEadE D+

Sitve ABadBC:ita DE adalism G i er-
: » . goDE ad Gma-

A B___ ¢ iorem habetpro-

"R portionem , quz
] DEad EF:gmi-
G

aprep.d. 5. ;
o8 nor ergoerit G,

quam EF. Ponaturipfi G 2qualis EH.

: Quiaigiturve ABad BC;itacftD Ead

bLemma EH: berit conuertendo,veCBad BA;

. ";‘ itaHHEadE D.¢Sed HE ad E D mino-
2#7%-%-7" rem habet proportionem,, quam FE ad
ED:Ergo& CBad A Bminorem habe-

bit,quam F Ead E D. Quod aportuit d¢-

- monftrare,
' - Quod fi AB
"}ﬁe—qc ad B C mino-
“%Z0"  rem habuerit
proportionem,quam D E ad EF ; habe-
bit conuerténdo C B ad B A maiorem,
quam FEad ED, fieve ABad BC;; ita
dprep.8.5, D Eadaliam E G, d quz maior erit quam
¢Lemma EF. e Conuertendo ergo erit ve CBad
'f;';';," BA;itaGEadED.fAtGEad ED ma-
’0 ¥ L . A

' iorem habet proportionem,quam F Ead

ED; ergo CBad B Amaiorem ba-
bebit, quam FE

E ld_ E Dv

. Pro-



S LIBEYX V. P 37
‘Propofitio27. Theor.27.” " . 2. . -
Siprimaad fecundam maiorembabui- - -
ritproportionem,quamtertidad quar-
- samshabebit permutando primaad,
sertiam maivrem,quam fecun-:
' da adguartsm. .
HAbcth BadBC mﬂlbran propar-
Ationem,quam DEad E F.DicoAB

A zy B '»"'x"éhabcrc,qui

“ad DE maio-
A F-—+S BCad EF..Vt
@ P E X . oanim AR ad
. .BC;itafitalia

G EadEF: «quemaior erit,quam D E. 24, 2.,
‘HEf ergo permutando,vt A Bad G Esita bpropuecs,
B C ad EF. ¢Habet autem A B,ad D'E ¢prop. &.50
"maiofem proportionem , quamn ABad
GE hoceft,quamn BCad EF.Ergo AB
ad D E maiorem propostionem habebit,
quam BCad EF. Quod oportuit de-
monftrare. . df } f B’cl -
‘A adem ratione,fiABad .
,4%_____2_5___5: B Cminocé habeacpro-
q—s—‘—u portionem, quam DE: - - .
i ad EF,fequetur permu~ ¢
- tando ABad DE minorem habere,quatm
BCadEF. Sitenim vgéBgdBCgaEaE;
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&mp.8.5. G Ead EF, dquzminor erit quam D E.
¢pr9pd.5. ¢Sed ABad DE minoremhabet yopor—-
tionem,quam A Bad GE, hoce »quam
B C ad EF. Habebis igitur ABad DE
minorem propottionem , quam BCad
EF. . -
Propofitio 28. Theor.2 8.
Si prima ad fecundam misiorem pro-
portiowems habeat, quitertia ad quar-
-8am ,etiam componendo prima ¢ [e-
-wunda ad fecundam maiorem propor-
. tiomemhabebunt, quamersiacy
4 Y quartaadqusriam.
- HAbeat AB ad B Cmaiorem propot-
i g8 . ... ACad CBmaiorem
GA B___ G habere,quam 35 ad
e » g FE.GtvtABadBG;
LERBF i GEMEF:
.2.5. #erit G E maior quam D E. Quia igiwye
vorest.sclt,yt A Bad BGsits GE ad E%Ze:&caa
ponendo,vt ACadCB; ita GF ad EE.
spr59,8.5,¢5ed GFad FE maiorem proportibiem
habet,quam DF ad FE. Ergo&A Cad
. CB matorem habet proportionem,quam
- P2 Fad F E, Quad gprestuit dementtease.

Quod




8 nn‘x K \
M ‘ninerem propor=

. tionem habecat, qt
28 . DEaEF, dhle. dprop. s
bit etiam componendo AC ad CBmi-
norem,quam D Fad EF. Quiaenim AB
ad B C mingrem proportionem habet,
qui DEad EF; fitvt ABad B C;ita alia
GEad EF;eecrit-ea minor quam DE eprap.2.5:
o vt ACad CB,ita erit GF ad FE.
e;§GF ad FE minorem habet propor- ,
tionem,quam DFad FE. Ergo& AC -+
ad C B minorem habebic, quam DE ..
odFE
Propoﬁclo 29. Tbcor. 29,
i prima ¢ fecanda ad fecundatima
sorems habeat proporsionem.quam ter-
tia ¢ quarsy ad guartam, habebir &
dinidendo prima ad ﬁcundmx ma-
o :aremproparﬂmem,guamter-
' tu ld quartam -
Abed: ACad
. A e) :p e« CBmmore(n
roportienéy: qua
P F DDl
ABad BC maiorem babcrc,quam DEad
EF VteaimD Fad FE; itafisalia GC

lx . ad
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.2, 5.ad CB; aeritque G Cminor,quam AC;
8183 dvidendo trit GB ad BC) vt D E 2
bprep.8. 5, EF, bfed AB ad B Cmaiorem propor-
. tionem habet, quam GBad BC. Ergo
A "B ¢ &ABad BC maio-
£ rem babebit, quam
P—Ee X DEEF. Sivero
B ACad CB minorem
~ habeatproportionem,quam D Fad F By
habebit & dividendo A B.ad BCmipo-
- rem,quam D Ead EF. Sienimfitve DB
eprpd. s gdFE;itaaliaGCad CB, ceritGC qui
dpropiyes- A C maiot, 4 eritque dividendo GB ad
B C, vt DEad EF.Habet autem A Bad
B Cminorem proportionem, quam GB
ad BC; habebitergo & ABad B C ming-

~rem,quam DEadEF.

~ Propofitio 30. Theor. 30.

Siprimay fécunda ad fecundam ma.
doremproportionem habeat,quam ter-
tia(r quartasdquartam; per conser-
Jionem rationis prima & fecunds ad
primam minorem babebit,quam
- tervia & quartaad
tersiam, '
‘ Habe-
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HAbeat A €ad B Cmaiorém propor-
tionem,quam D F ad FE. DicoCA »

£0 ad AB mijnorem
: a%::::ﬁ;‘ habere, quam FD
D RE_€ F adDE. Sitenim
. A B__ € vteACad CB,fic
, ¥ F DFaddiamFG, - ..
‘ 2o 4 quz minor erit bf::f, ” ,”‘
- quam FE.6 Qua-
re per conuerfionem rationis, vt CAad
ABjieritF DadDG.cfed FDad DG spropds s
ininorem proportionem habet,quiFD
ad DE. Ergo & C A ad ABminorem ha-
bcbtt,quam FDadDE. QuodfiACad
C Bminorem proportionem habeat, qué
D F ad FE; habebit per conucerfionem
rauomsCAad A B maiorem, quam FD
ad DE;erit enimvt ACadCB,itaDF
ad maiorem quam FE reliqua.manifefta
{uat.

Propqﬁtio 3r. Theor, 31,
S:prmud sertiam maiorem propora
sionem habeas; quam fecunda sd quar-
#ams ;habebit ctiam prima ad tertism

 awaiorem, quam primacr fecun- .

dand sersiam & quar- :
- tam. .
P Habe:

—



236 L1 BERW

Abeat A Bad DE maiorem propor-
. tionem, quam BCad EF.’ Dico&

: 1 .AB ad DE ma-
'é—-———-—-l——s iorem habere,
' -P__-—F—»-J quam A Cad
' G DF. Sit enim
aprop.d. 5, 4yt ABad DE;itaBCadaliam EG,aqu
bprop.12.5. minor eritquam EF. bErgotota AC ag
$2rop.d.5. roram D Geft veABad DE.cfed ACad
D G maiorem proportionem habet qui
ad DF:ergo ABad D E matorem habe:
bit,quam A Cad DF; Et manifeftumeft
totam A Cad totam D F minorem habe-
re,quam ABad D E. &fiminor fit pro-
portio partisstotius maior erit, ’

"

'~ Propofitio32.Theor.32.
Sitota adtosams maioré habuerit pro-
porsienem , quam ablata ad ablatam;
habebis & relijua adreliquam
" .. maiorems quams sotdad
B fotam. .
- H'A“g £ TACadDF malorem pro-
* -Aportioné,quiABad DE. Dico & re-
liqua B Cad refliqua EF maiaté habere,§
ACadDF. Sit caim vt AC ad DF, ita
ST 4 AB



CireERb g

R - AB ad DG'
éﬁ;gz’ B caergo & feli- P05
P epp 9uBlddgl

B ' quam GF ift,

rt ACad DF.{cd 5B C ad-E F maiorem brep.8. 0
sroportionem habet,quamad FG.Ergo |
 BCad EF maioreth habebit, quantAC". -~ 2

d DF, Siverd ACad DF minorem ‘
iroporsionem habeat,quait A B 1d DE,
¢reliqua B C ad reliquam:E P:minorem
abebit,quam ACad DF, quod ¢codem,
‘uo fupra; snodo oftendetur. - - :

Propofitio 33. Theor.33
ifint tres magnitwdines , & alin ipfit
wmero aquales ,habeasg prima prio«
4m ad [ecundam masorem proportion
em, quaprimapofieriorim ad /:mu-
ams; fecunda verd priorum adterti.
nmaiorem habeat quamfécunds po-
eviorsm adtertiam: etiam ex aquals
primaprioramadsertiem maiorens

kabebit,quam prima pofie.
riorums ad ter-
- tiam.

P Hio
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Abeat A ad B maio-

~ jorem,qui E ad F. Dico ex
equali A ad Cmaioré habe-
re quam D ad F.Cum enim

as8
-rem propottionent,
1 133 quamDadE, & BadCma-
- ABd

nem habeat,qusm Dad E,
1334 habebit permutando A

aprop.ay.s .L[ A ad B maioré proportio-
- DE

¥ adD maiorem,quamBad

. - E.EteademrationeB adE

maiorem,qui Cad F.crgo A adD maioré

habet quam CadF; & permatando A ad

Cmaiorem habebit,quam Dad F, Quod
ortcbat demonftrare.

Quodfi prima priorum ad fecundam
minorem habeat proportionem, quam
prima poftetiorum ad fecundam: fecun-
da vero priorum ad tertiam minorem ha-
beat; quam fecunda pofletiorum ad ter-
tiam , Similiter demonftrabitur etiamex
zquali primam priorum ad tertiam mi-

norem proportionem habere,quam

primam pofteriorumad
tertiam. ...
.. A8(0)sew

EVGLL
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adbn f\'d?-
é«vg §v§ U e L ‘xw«i»
EVCLIDIS
ELEMENTVM
SEXTVM,
- Definitiones.

8 Sxm:lesﬁgurz re&nhnezfunt,quzﬁn- '

* gulosanguloszquales habent,& la-
teracirca zquales angulos propor-
tionalia Casufmoeds fnntpnpof #1vie
angnia ABC,DCE. A

'y Reclprocz figurz funt, quando inve
traque figura antecedentes'& con-
fequentesrationes funt. V¥ propefe
~ 14.funsfignreA D BF,BECG, in gui-

Bus antecedentes funt B B, G B, confi-
gwantes B E, B F.Crpropof.1g triangu-
la A B C, A D E.in qusbus antecedens ey

Jimt C A, A Kconfequentes AD,AB,

2+ Extremaac mediaratione linea re@a

fecari dicitur, quando eft vetotaad
P s maio-
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. maiorem portionem,ita maior por-

- - tio ad minorem. Her feltio demon-

¢

#

Sracacfiprop.u.tib.2.inqualinca A B
m H extroma ac media ratione [6ias
€f.cffg, verelts A Badmasorempor-
tionew AH] sté masor ad mineremBH,
demonfiralicnr ctiam lib.6.prep. 30,
Altitudo cuiufque redilinez figure
eft perpendicularis, quz d verticead
bafiin ducitar. V2 propof. primatri-
angwlorum A HBuABD,AD Lalts-
tudo off perpendseniaris 4 C.,

3. Proportio ex proportionibus compo~

nidicitur, quando. proportiontim
quantitatesinter femultiplicatz ,a-
liquam efficiunt proportionem. ¥z
ex proportionc. dupla & tripla comspo-
ustur [extupla : nam denemsttator du-.

 plte2.duilusin denominatarem triple
3.facit 6. Suns antem spfi denominase.
res quantitases froportiansm,
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Propofitio 1. Theor. 1.
Triangslacrparellelogramme candem
bhabentiaaltitudinem,inter fe

’ fums vt bafes.

Tnttrianguk ABC, A CD; parallelo- ’
gramma E C,CFhabentia altitudiné
eandem, perpendicularem nempe ex Ain

EA F BDdu&i. Di- .
: I co cffe,& trian-
gulum ABC,

' ad triangulum
HGBC D K LACD, &jpa-
rallelogrammii EC, ad parallelogrammit
C F,vt et bafis B Cad bafim C D. Produ-
caturenim B D vtrinquein H, L, fintque
bafi B CzqualesBG,G H;bafi verd CD
quzcunque DK, KL, &iungantur AG,
AH,AK,AL. Cumgue BC,BG,GH
zquales fint, werant & triangula AGH, aprp. 521,
AGB, ABCzqualia. Quam multiplex -
ergo eft bafis H Cbafcos B C, tam multi-
plex cft triangulum AHC trianguli ABC.
Eadem de caufa quam multiplexeffLC
bafis ipfiusC D, tam mulciplex efttrian- -
gulum A L Crianguli A CD. Et fi bafis’
HC,bafi CL 2qualis fit ; erit & trianga-
lam A H C, triangulo A CLequale;Etf -

S A 2 fupe~
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fuperet HC, ipfam CL,fuperabit & eri-
angulum AHG, triapgulit ACL; & fimi-

EA F nor,minus, Ci

| I ergo quatuor
' fint magnitu-

_ dines, duz ba-

HGBC D K LfsBC,CD&

duotriangula ABC, ACDj;acceptq; fint

. bafeos quidé B C,& trianguli A BCzque

* multiplicia,bafis HC,& trianguli AH C.

Bafeos verd C D, & trianguli A CD, alia

vtcung;, nempe bafis C L, & triangulum

A L C:dembftratumg; fie i HC excedat

, CL,& AHC excedere A L C;& fi ¢qualis,

bdef - zquale; & fi minor, minus; b erit vt bafis

/' BCadbafim CD;itatriangulit AB C, ad

trianguli ACD.Etcumtrianguli ABC

eprop.¢rr, € duplii fit parallelogrimum EC;triangu-
li ver6 ACD duplii parallelogrimii FC, &

dprop.1s.5 dpartes eodé modo multip%i::ii candem

habeant proportioné, erit vt triangulom
ABCadtriangulii ACDjita parallelogri-

mum EC, ad parallelogrimum FC.Etga
demontftratii eft,effe ve bafimBC ad bafim

CD,itatrianguliiABCad trianguliiACD.
eprop.ans. VeveroABCad ACD;ita EC ad CFseerit
vtbafis BCad bafim CDj;ita parallelogra-

mum E Cad parallelogrammii CF. trian-
gulaergo & parallelogrima,&c, Qaod o-
- Pro-

© portuit deméfirare.
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 Propof.2.Theor.z. .
Si wni laterum trianguli paraflels rea
daduilafueris,proportionaliter feca~
bit triangulilatera.Et fisrianglilate-
raproportionaliterfeclafuerint,
reciafectiones comiungens,
religuo lateriparalle-
1 - daeri, o
A : AteriBCtrisngu.
' li ABC duta fic

Z . pinlldaDEDicoef-
D \ fe,vt BDad DA;ita
) CEadEA.Du@ise- )
;) ~ . nim BE, CD « erit aprop.zpa
triangulum BDE -

qualetriangulo CD Eshabent enim ean-
dembafim DE, & fantin iifdem paralie-
lisDE,BC. Aliudautem triangulum cft
A DE. b Kqualis autem adidem eandem bprep.2.gi
habent proportionem:eritergovtBD E-
triangulumad A DE; ita C D E triapgu-
lumadidem A D Etriangulum. ¢ S«?:t cpropre.
BDEadADE;itaetBDad DA.cum
enim in eadem fintakicudine, quam per-
pendiculatis ex E in AB du@a oftendity
inter fc erunt vt bafes. Ob eandem cau-

Pg fam,
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. fam,vtefttrigngulum
CDEad ADE;itacft
CEadEA: d vtergo
- BDadDA;itaeftCE
- ad EA.Sintiamtrians
guliAB Clatera AB,
€ A C proportionaliter.

fc&a,ﬁt(']; VtB D ad D A’ itl C E 3d EAI\
Du@sergo D E,dicoillamipfi B Cparal-
lelam effe. iifdem enim conflru@is, cum
eprp.1. 6. it ve BDad D A, itaCEadE A; ¢ atqui
vtBDadDA; itacft triangulum BDE
adtriangylum ADE, EtvtCEadEA;
£prapars. watriangulam C D Eadidem AD Ejfve
ergotriangulaBDE ad trianguld A D E,
. fictriangulum CDE,ad trianguli ADE.
~vrtumg; ergo triangulorGiBDE,CDEad
prop.s.5. triangulid ADE g candem habet propor-
prop.ge tionem,zqualiacrgo funt, funtquein e3-
dem bafi D E. b accriangula zqualia ean-
.+~ . #emhabentia bafim,in itfdem funt patal-
© " lelis.cxgo D E parallelacltipfiB C. Siex-
. govnilateri,8¢.Quod oportuit
-+ . demonftrare.

g ment
IS RS

saenTee S

$roprrs
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-+ - Propef.3.Theor.3. '
Sitrianguli angulusbifecesur, reclag, . . .
wignlumfecans , fecet & bufim, habe- :
bunt bafis pars es'eandem propertio- .
vems,quam reliqua m'apidli laters Et

fibafis partescandem habeant propor-
tiomem,quamreliguasyiangnlilaters,
© quadyersice ad bafimducitor re.

. élalineatrianguliangulums

bifecabit. _
ESto triangulum ABC,%

+&angulus BA C hifece- -
turre@d AD. Dicoefle, vs
BDad DC,itaBAadAC, -
B D C :Ducatur CEper C, paralicla
D A, cui B A produ&ain E oceyrrat. Es
quiain parallclas AD, E Cre@as A C in=/
cidit, # erunt anguli ACE,C AD zqua- N
les fed C A D-, B.A D ponuntrzquales; 8prep. 23.5
beruntergo & BAD,ACE zquales.Rur-
fus eum in paraflelas AD,ECincidat BE,
ceritangutusexvernusB A D,zqualisin- .,
terpo AgE Csoftenfuseft auremq::A cg " A
ipfiB A D zqualis: d eritergo &K ACE dars
2qualisipfi AEC,¢vode & latera AE,AC eprap.tusl
@qualia erunt. Et quia trianguliBCEla-

g teri

bax.s,
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g HECdu@acftparallela AD;
Fores. 5. ¢, ~ feritveBDad D Csita BA
e &4 a ad AE;cftautem A EipfiAC
zqualis: g eftergo ve BDad
grwys. 8D € DCitaBAadAC. Sedeflo
iam vt BDad DC;itaBA ad AC,iun&ad;
fit AD.Dicoangulum BA C bifecarire-
&3 A Diiifdemenim conftru&is, cum fic

_bprmp.a.0. vtBDadDCiitaBAsd AC: b& v BD

ad D C;itaBA ad AE(eftenimlateriEC
trianguli B CE du&aparallela AD)erit
iprop. 9. 5. vtBAadACitaBA ad AE;s zqualiser-

& A
rrepda goclt ACipfi AE. £ Quare &angulus
?.l"ed

1779 #.1. A E Cangulo ACE zqualis erit,
WIS AEC ext%rnoBADcf?zqualis; m&A
"CEalternoCAD;eritergo & BAD
2qualis ipfi CA D:ergoB ACre&t3 AD
bifecatur. Siergo trianguliangulus, &c.
Quod oportuit demonlitrare,

- Propof.4. Theor.4. -
Acquiangulorum triangslorum late-
racirca aquales angmlos proportions-.

biafunt;Etatera aqnalibus angulis
. fubtenfa,homologe.five cinf-
- demrationss,

Sins
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-Slnttriangula ABC,DCE gquiangu-
Jla, zquales habentia angulosABC,
g - .- -’ PR DCE’&ACB’D‘,

: 400 %Q&SAC,CDE, .
) \ ico latera circa 2=
A  quales angulos effe .

w2~ proportionalia;& las
2 s Eerazquélibusangu—'
lisfubtenfa, homologa. Coniponantis
enim BC,CEindireGum.Etcutn anguli
ABC,A CB duobusreétis minores fing,
fitautemangulus D E C angulo A CB
gqualis,erunt& A B C,DEC duobustes
&isminores 4 concurrentergo B-AED adefirrs,
roduétz: Concurrant in F; cumyjucan-
guiDCE,AB Cg?ualqs fint,Feruntre- bprop.al.e
&z B F, CD parallele.Rurfus cum angu-
li ACB, DECequalesfint, ¢ cfhat & cprap.s8,
A C,FEparallele, ideoque FAC B pa- :
rallelogrammum cff; deritque £ Azqua- dprmp.s08
lisipfi CD; & A Cipfi F D; &cumad
latus FE trianguli FBE du&a fit paral- -~
lelaAC,éerit vt BA ad AF;itaBC ad CE; eprep.s. 6
eftautem A PzqualisipfiCD s vt f ergo frm?-75
BA adCD;itaBCad CE;& gpermutane o, (o
do,vt ABadBC;ita DCad CE. Rurfus grrpré.
cum CD, BF parallelefint, b eritve B C hprop,a 4
adCE;itaFDadDE, EftawtemDE
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ipropi7.4 wqualis A C.Vi)s ergoBCad CEiita AC
kpropaes ad ED: ik ergo permutando,vt BCad CA;

m CEadED.Cum ergo demonftratum
fit,effe vt ABad BC;iraD Cad CE. Ve
verdBCadCA;itaCEadED; eritex

Yprep.ass. 4 zquali vtBAadA C;inCDadDE.2-

| angula AB
F ¢, DEFlatera
proportlonaha,

3uxangulorum ergo.&c. Quod opertuit
monftrare. ‘ :

Propof $. Theor. $e

i duotriangula latera proportionalis
babuerins , aquisngula erunt , babe.
bnntque engulos, quibus baomo-
lagn laterafubtenduntar, |
' qule:. :

Abeant tri

nempe, vt AB

' -adBC itaDEadEF. Etv:BCadCA'

ita EFad FD: atq; vtBAad AC,ita ED
ad DF.Dicotrian ula ABC,DEF¢ c}
ulos,

anguls efle, zqualesque habercang
quibus homologa latera fubtcnduntur.

.vndezqualeseruntanguli ABC,DEF;

#7941 L BCA,E FD; BA "EDF.4Confli-

antue
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ruantur niad pun&a E,Frefe f.Fanguli
FEG,EFG zqualesangulisABC,BCA
eriit ergoreliqui BAC,EGF gquales:td
gniula ergo ABC,E G Fluntzquiangie« b
la: 5 habentigitur latera circa zquales an-~ 2" ¢
gulos proportionalia; eruni§uelateraze-
qualibusangulis fubtéfa, homologa, Er-

~govtABadBCsitaEGad EF: Sedwe
ABadBCi#aponitur DEad EF:¢ vi ¢ prop.aL. S
igitur DEad EF;ita GEdd EF. Vtrag;
ergoD E,JGE a;ll EFnud;:n;l lub;: prcéa
ortioné;d equalesigiturfant DE,G E: d'prep.9.5,
rll,iademrde cﬁf: D F,g(_} F zquales cruat. i
Cum igiturD E; E Gzqualesfint, com.
munis EF: eruntdue D E;EF, duabus
GE,E FEzquales;& bafis D F bali G F 2
ualis e erit ergo angwlus D E Fangulo —yr
E F zqualis; & riangulam DEFeri- ©..%
angulo GEF zquuale;& reliquianguli,re- ’
liquis, quibuszqualialaterafubtendun-
wur:anguli ergo DFE, GFE funtzqua-
less item EDF, EGF: & cumangulus

FEDzqualisfitanguloGEF; &GEF
ipfi ABC; ferit& ABCipfiF EDxqua- fatde
lis. Eademdecaufacritangulo ACBz-
qualisangulus DFE;&angulusad A an-

-guload D.triangulaergo ABC,DEF¢-
quiangula funt.Si erge duo triangula, e,
Qpodoportuitdemanfirare, Pro-
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Propof.6.Theor.6. _

- 8iduo triangula vnum angwlum vmi

aqualems, ¢ circaagqnalesangulos late-

vaproportionalia habuerint , aquianm-

gulaerunt , babebuntque angulos,
gquoshomologalaterafibten-
. dunt,aqusles.

Y Intduotriangula A BC,D E F,angu-

losBAC, FI.‘IgJuF habentxazqualcs, &

circaipfoslatera proportionalia,vt BA ad

ACG;itaED ad DF. Dico triangala ABC,

DEF eﬁ'czqmangula,adeoquesngdum
ABCan wloDEF;& ACDipfiDFE,

squalem .4 Conflituatur enim ad

pun&a D, Fre&zD F alterutriangulo-

ruam B A C.

230 EDF 2qua-
o P@‘ lsFDGjan-
guloverd A

CB zqualis

DFG:erit

_ igitur & re=

$prpda; liquusad B, relxquo ad G a2q uahs beri-
angulaergo ABC, DGF ﬁmt zquian-

gula- Eftergove BAadAG;ita G Dad
DF:poniturautemvtB Aad AC,ita ED

ad D FicergovtEDad D Fjitaei G Dad

PF;.
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DF; e zqualis ergo eft EDipfi GD,com- .
munis DF. Dugz ¢rgo Elg, DF, dua- 9.5
bus GD, DF funtzquales,| & angulus
EDF aogulo G D Fzqualis; d crit ergo, d prop.2.1;
& bafis EF bafi G F zqualis, & triangu-
lum D E Ftriangulos G D F : quarereli-
quianguli reliquis ¢gquales erun,alter al~
teri,quibus wqualia latera fubtenduntur,
Angulusergo DF G zqualis ¢ft angulo
D FE;&quiad Gilli,quiad E.Sed DFG
z ualiscﬁACBagg lo;eergo & ACB can.zy
ipi DFE S%RHS €t ; poniturautem &
B A CipfiED Fequ.lisireliquusergo ad
B zqualis erit réliquo 4d E. triangula er-

o A BC,D EF zquiangulafunt. Siergo
guo triangula, &¢, Quodoportuitde-
monftrare.

Propof.7.Theor.7.

Si duoe trianguls vowm angulumuni
angulo aqualem; & circaalios angulos
latera proportionalis habucrint;reli-
quorsmUeroViTUngue,Aut minorems,
ant nonminoremyreilo  aquiangsise-
runt trianguls; e angulos civca guos
laterafum proporsionalis,equa-
les habebuns.

QL $int
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A p CQlInt duo triangula

A B C’D E F,'ha-
bentiaangulos BAIC
G iy EDFequales;circaalis -

osveroangulos ABC,
B < D E F lateta propot-
tionalia.Vt A Bad BC;ita DEad EF.re-
liquorum verd angulorum quiad C,& F,
primum vtrumque minerem recto. Di-
co ABC,D E Friahgula,effe gquiangu-
la;angulum§ue ABCanguloDEF; &
qui el'? ad Gy, illiqui eft ad F, zqualem.
Quod fi anguli ABC, DEF inzquales
fint;erit vhos maior. Sitmaior ABC; &
aprop.23.1, 4 conflitnatur ad pun@um B reGz AB
angulus A BG,zqualisanguloDEF. E¢
cum aniali A, D ¢qualesfint;item ABG,
bpropsar. DEF; b erunt&reliquiA GB,DFE2- |
quales.triangula ergo ABG, DEF 2qui-
cprop-#.6. angulafunt;eft ergo ve AB,ad BG;ita DE
ad EF:fcdvt D Ead E F;icaponitur AB
adBC:ergovt ABadBC; itaeft ABad
d prop.s.s. BG. d Cum ergo AB ad vtramque BC,
BGeandem habeat proportionem , e=
- grop.s-r. runt BC, BGaquales. ¢ ergo &anguli
BGC, BCGzqualeserunt: AtBCG
minorreto ponitur, eritergo & BGC
Eprapazg, FeStominors f quarcangufus A(".‘}l Bei
. cin- -
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deinceps maior eritre@ozoftenfus eft au-
tem zqualisangulo Feritigitur & angu-
Ius F maior re&o ;| at minor ponitur,
quod eft abfurdum : anguliergo ABC,
D EF non funtinzquales: zqualesergo. gorep,gaun,
£ funtverd &anguli A, D zquales: ergo
& quiad C& Fequileserunt. Quaretri-
angulaABC, D EF equiangulacrunt.
Sitrurfus vterque angulus ad C& Fnon
minor teo. Dico & lictriangula AB C,
D E Fquiangulaeffe. iifdém enim con-
fru&is, oftendemusre@asBC,BGefle
zquales,vt prius: b eruntigitur &anguli #7251
C,BGCzquales:Cum ergo Cretonon
fit minor , nec BGC re&to minor erit. |
Sunt ergo trianguli B G C duo anguli v
non minores duobus reis, § quod e propazine
non potefl,non ergoanguli A BC, DEF
inzqualesfunt: zquales ergo. Suntvera _
&anguliad A& Dzquales; erunt & igi- kprapgan;
tur & reliqui ad C& F 2quales. Quare o
triangula A BC, D EF fuatzquiangula, '
Siergoduotriangula;&c.Quod opors
tuitdemonttrare.

730055 o

Q.a Proe
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‘Propof.8.Theor.8.
In rectangulo triangule fi ab angalo

 vecdo ad bafim perpendicularss duca-

tur, queadperpendicularem funt
" triangula, & toti,& inter f¢
Sfimilisfunt.

A ~Sto triangu-

Elum re&angguu.,

lum ABCre@um

T D C habensBAC,du-
caturd; ab A ad B C perpendicularis AD.

Dicotriangula AB D, A D C.&toti
A B C, & inter fe efle fimilia. Cum enim

- angulus B A C equalis firangulo A D B;

8 colligitur
&x2a.1.

b)hp. P

re¢tasenim eft vterque : &angulus ad B
communis vtrig; triangulo A BC,ABD;
a erit& reliquus ACBreliquoBA D 2-
qualis: zquiangula ergo funt triangula
ABC, ABD. b Eftergo vt BCre&um
trianguli A B C fubtendens , ad BA re-
&um trianguli A B D fubtendentem sita
ipfa ABangulum Ctrianguli ABCfub-
tendens, ad B D fubtendentem angulum
BADtrianguliABD.EtiaACad AD
fubtendentem angulum B communem
vtriufq; trianguli. Triangulaergo AB C,

R , ABD
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ABD zquiangula func, habent§ue late-
racircazquuales angulos proportionalia;

¢fimilia ergo funt triarigula ABC, ABD, clefor, 4,
Eodem modo oftendemus triangulum
ADCtriangulo ABC fimile effe.Vtrum-
queergotriangulum ABD,AD Coti

AB Cfimileeft. Dicoquod&interfefi-

miliafint AB D, A D Ctriarigiila. Cum
enimanguliBDA, A D Cre&ifine,e-

rant & zquales:oftenfus eftauté &BAD )
ipiC zqualis: d ergo & reliquus ad B,re- f’““'f'm :
liquo D A Czqualiserit. Triangulaergo §aute

A BD,A D Czquiangulafunt. ¢ Efter- epropg. 6y
go, vtBD fubtendens angulum BAD

trianguli ABD, ad D A {ubtendentem
angulum Ctrianguli ADC 2qualem an-

gulo B A D; itaipfa A Dfubtendens tri-
-anguli ABD,angulum B,ad D Cfubten-
dentemangulum D A CtrianguliADC
zqualem angulo B;&ita B Aad A Cfub-
tendentem re€um A D €. Triangulaer-

go ABD, AD Cfimiliafunt. Siergoin S
triangulo re@angulo,&¢.Quod oportuit '
demonftrare. -

. Corollarinm.
Ex his manifeftum eff, fiintrisngulo
re€tanguloabanguloreGtoad bafim per-
QU3 pe
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pendicularis ducatur , ipfam inter bafis
partes mediam proportionalem cffe. Et
inter bafim, & partem bafis,medium pro-
* portionaleeflz latus, quod ad partem, V2
sater BC, A Bmediaproportionaliseitpars

BD.Inter B G, AC,pars DG,
Propof.e.Problr.
Adstarecialineaimperasam par-
temanferre .

A Porteata data reGa AB
A oot lmperatum partcm au-

ferre, Sit aufcrenda pars ter-

tia. DucaturabAreGa AC

3 cum A B quemcumque an-

¥ . € gulumcontinens; & accipia~

tur in A C quodcumque pua&am D,

sprepg.t. aponanturd; ipfi A Qzquales DE.EC;

bpropza.s: ducatyr GB o & eique per D parajlela du-

. catur D F. Cum ergo lateri B Cerianguli

¢propa.e, ABCparallelafitdu@a D FieerieveCD

adD A;itaBFad FA, Eftastem D Ci-

pfius D A dupla; dupla ergoeft &BFi-

pliusFA.triplacrgoeft B Aipfius AF. A
‘data ergo ceéka AB imperatapars, nimi-

rum tertia A F ablatacft, Quod
_ .-Oportuit facere,
TR A T pree

Lo
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. Propofiro.Probl.2.

“Daram reitam lineams infetam;
dntarecte feits imiliser
: . / ceare.,

: Porteat ditam infe.
S Qam AB fimiliter fe-
- care,vefe@aeft ACSit AC
- in pun&is D, Efe&a. Col-
locentur AB,A Cvtangu-
, lum quemcumque conti-

B:X K neant; deducatur CB; at-
queper D, B agantur ipli B C parallels
DF,EG; &perDipfi AB dycatur pa-
nllela DHK;& erie virumque FM, HB
parallelogrammum. « Sunt-ergo tam aprp.jsm
DH,FG;quam HK,GB zquales:.&cum — "
ipfi K Crrianguli D K Cductaficparalle- -
laHE; #-eritvt CEad ED; itaKHad bpres.a v,
H D. e Eftautem tam KHipfi B G;quam €2re-34:5
HDipfi G Fzqualis; eft ergo vt CEad '
ED;itaBGadGF. Rurfusdcomlateri 3ppyp, s, o3
E G trianguli AG E du@a fit parallcla '
FD, eritvt EDad D A;itaGFadFA:
oftenfum eftautem efle,vt C Ead EDiva
BGad GF.cftergovt CEad ED;itaBG -
3dGF, vtvero EDad DA;itaGFad

U4 Fh

0
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F A: dataergore&ainfe&a ABfimilicer
fe&acht, vtfeGa A C. Quod oportuit fa-

cere. A S
Propof.11.Probl.3,

Duabusrectis dasii tertiam proportio-

_ waleminuenire . .
A IntdatzBA,AC, &
N Jponitur vtangulum
R quemcumg; ¢otineant.
B eportctergo ipfis BA,
. A C tertiam proportio-

naleminuenire.Produ- -

. cantur AB,ACad D,E
aprop.gr. D pun&a;&« panaturipfi

~bprepsrt. A Cequalis B D;& ipfiB Cb.dugatur pa-
rallelaD E ger D. CumitaquelateriDE

. trianguli A D E du@a fit parallela BG;
cprap.2.0, Ccritvt ABad D Bjita A Cad CE; 2zqua-
liseftautem B Dipfi A Cseftergove AB

ad AC; ita ACad CE. Datisergodua~

bus A B, ACinuenta cfttertia proportio-

nalis C E.Quod oportuit facere. K

Propof:12.Probl.4.
Tribus dusssrectis linets quartam pro-
portionslemsnucnirer. ,
ST Opor-
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Porteat tribus datis re@is A, B, C,
\./ quartam proportionalem inuenire. Lt

A Exponantur duz re&z
: :-BTI—Z—' . DE,DFcontinentesan-
P gulum quemcung;EDF: _
& aponaturipft A’zqua- ‘I’_f 0931

. lisre@&a DG ipfi B,re-
& GE: &ipfi Crela .
D H;batqueipfi G Ha- 0m2It%,
gatur parallela EF per E. '
H Cum ergo lateri EF tri-
] -anguli D EF du&a it pa-
- ¥ rallelaGH,ceritve D G ¢prop.a.s.
. N ad GE;itaDH ad HF,
Eftautem D Gzqualisipi A; GEipfiB;
D Hipfi C;eft ergo vt A ad B; ita Cad.
HF. Tribusergodatis A, B,Cinuentaeft
quarta proportionaljs HF. Quod opor-
tuit facere. -

Propofitior 3. Probl.5..
Dusbusrectsn daris mediam proportios
nalemsinuenire.
N It duab®datis A B,
BCmedia propor-
nk - tionalis,. iqucqiendj.
A 15 B C Ponanturin dire@i,

defcribaturqué fuper
A Cfemicirculus AD C; «&ducatura B

Qs pun-

apn.'. e
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punéo, BD, ipfi A Cadangulosre&os,
$prop38.3. tun&is AD,D C.5 Et quizangulus ADC
reQus cft; quippe in
- femicirculo, eftq; in
triangul? re&&angula(‘;
~ ex angulore@o D
A 15 BC baﬁmgA Cperpendi-
cesrols,  Cularis du&a D[B. ¢ erit BD inter partes
8.0, bafis AB,B C,media proportionalis. Dua-
" bus ergo, &c. Quodoportuit facere.

Proéoﬁ:io‘ 14. Theor. o,

AEqualism, s vnsm vni anguloa-

gqualem babentium paraltelogrammo-

yum,reciprecs funt latera, quacirca -

gquales angulos. Etparalelogramma,

que vnum vni angulum equalem ha.
bent , & quornm reciprocantur la«

teracires aquales angules,

equaliafunt. ‘

Slnt parallelogrammas A B,BC zqualia,
habentiaangulosad B zquales, pofitg-
a Colligirer que fint D B,B EigdireGum), serunter-
e 13.2¢. go & FB, BG in diretum.Dicoparalle -
s logrammarum A B, B Clatera, quzcirca

®equa-
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') A___F
2K E D B
T4 || 14
, G G G <

gqualesangulos,efferecipraca. Hoceft,
efleve DBadBE; ita GBadBF. Petfi-
ciatur enim paraflclogrammum FE. Ec

uiaAB, BC parallelogramma zqualia
?imt,aliud autem quoddam eft,FE:berit bprop. 7.5
vt ABadFE ;itaB Cadidem FE cfed vt €271
ABadFE;itaef DBad BE;&vtBC
ad F E;itacRGBad BF. dErgocft ve DB 477175
ad BE;itaGBad BF. Parallelogramma-
rumergo A'B,B Ce laterafuntreciproca. edefis.1,
[Reciprocentur iam latera, que circa 2. £ 4efia.6.
qualesangulos; fitqueve DBad BE jita
G Bad BF. Dico parallclogrammzA B,

* B Czqualia effe. Cum enim fit veD Bad
BE;itaGBadBF. gEtvtDB ad BE; gpropr.4
itaABad FE; atqtic ve GBad BF; ita
BCadFE:eritveABad FE sitaBCad .
idem FE; b xqualia ergo funt parallelo- hprep-2.4

- gramma A BBC. Zqudliamergo,
& vnum vai,8c.Quod opor-
" tuitdemonfirare,
. . @%(0)se»

Pras
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Propofitio r 5. Theor. 10.

AEgaalism tru»gulomm & vnum
tngulmx vni aqualem babentium, ve-
ciproca funt latera, que circs equales’
angulos. Et triangula, que vaum an-
golum vni tguzlem babens,&rquoram
lat:m gue circaequales angulos,
reciprocantar,funt
equalia.

4 S Int mangulaABC,A D Ezqualia, ha-

peantque voum angulum BAC,vni.
S ‘DAE =z
‘qualé. Di-

co latera,’
quecircag-

4 quales funt’

c - angulos, re -
' ciproca ef-

e Hoccﬂ.oﬂ’e,vtCAadAD itaEA

ad AB. Panantur enim C A, A Din di-

s Colligitur peGrum ; weruntergo & EA; A Bin dire-

iy,
&S 150

bprop. 7.5

&um.& ducathir B D.. Cum igitur trisn~
gulaABC, A D Ezqualiafint, fitqueali-
.udABD; b crit ve CABad BAD;ita

cprop. M. ADEad ulcmBAD ¢fedvt CABad

BAD;



LIBER VI 16
BAD;itacfCAad AD. Et vt EAD
. «dBAD; itaeffEAad AB: 4 Ergo vtdprepar.si
CAad AD;itaceft EA ad AB. Trian-
gulorum ergo ABC, ADE latera, qua
circa zqualesangulos, reciprocantur. Sed
reciproca fint 1am latera triangulorum
ABC, ADE. Etfitve CA ad AD;
ita EA ad AB. Dico triangula-A B C,
ADE cffc zqualia. Iun&a rurfus BD,
eritvtCAad AD ;itaE A ad AB:efed ¢prop. 6.
vt CA ad ADj; ita eft eriangulum ABC
ad triangulum BAD; vt vero EA ad
A B; ita triangulum EA D ad triangu-
lom BAD. Vtergo ABCad BAD3
ita ¢ft EAD ad idem BA D: vtrumque
ergo ABC,EADadB AD candem
habet proportionem : f zquale ergo cft forep.s.s-

triangulum A BC, trianfulo EAD.
Zqualiumergo triangulorum,&c.
Quoad oportuit demon-
ftrare.

. «(0)”

Propo-‘
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Propofitio 16. Theor.1t.

Si guatuor recle linea proportionales
Sucrint,erit quod extremis continetur
reciangulum, ¢qu\de illi qguod medizc
continetsr veclangulo, Et fi reit angu-
lumextremis contentum, aquale fues
rit medits contento relfangulo;
gquatuor illelineapropor-

tionales eruns.

Int quatuorre@z A B, CD, E, Fpro»
portionales,vt ABadCDitaEadF

B Dico redi-

Fi8 ] gulum A B,
W & Fconten=

e tum,zquale

: C D effeconten-

4 B " toCD,&E.

sprop.18.7. g Ducantur i puntis A, C ad re@as A B,
CD ad angulos re@os A G, CHjfitque

ipfi Fzqualis AG : &ipfi E,ipfa CH, c&-
pléantur?tuc parallelogramma B G, DH.
Etquiaelt,vt ABad CD;itaEad F,&

et Eipfi CH; &Fipfi A G zqualis, erit
poropags VeABadCD;itaCH ad AG:bparalle-
~ logrammorum ergo B&,D Hiatera,que

' cirea |
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circa gqualesangulos funt,reciprocantur:
equarum autem parallelogrammorume gprap.14.6
‘quiangulorum latera reciprocantur, ilfz
zqualiafunt ! parallelogrammaergo B G,
D'Hzqualiafunt. EteftBG,quod AB,
&F continetur, (eft enim AG ipfi F z-
ualis) DH, quod C D & E continetur
?eﬂ enimC Hipfi Ezqualis, ) Quod er-
go AB,&F continetur,zquale eft ei,quod
C D & E continetur reangulo. Sit jam
qued A B,&F continetur,zquale ¢i quod
CD & E continetur. Dico quatuor re-
Rasefle proportionales. Vi AB adC D3
itaE ad F. ijfdem conftru&is, cum quod
A B,F continctur,zqualefitei quod CD,
E continetur, fitque BGid quod AB, &
Fcontinetur (eft eaim A G ipfi F 2qua~
lis) D H vero, qued CD, & E contine-
eur (eftenim & g Hipfi E 2qualis ) erit
B G ipfi D Hzquale : & funt zquiangula.
d/Aqualium autem & 2quiangulorum pa- '
raliclogrammorum latera , que citca z- dprp, 146
qualesangulos, reciprocafunt : Eritergo
vtAB ad CD;itaEadF. Siergoqua-
tuor re@z linez,8c. Quod o-
~ portuit demon-
firare,
*i(:0)s0
; Pro-



266 " LIBER VL
Propofitior7.Theor.12. °
Sitresrecta linee proportionales fue-
vint ;erit quod extremis continetur ve-
Elangulum, aquale quadrato quod fit &
media. Et i quod extremis continetur
rectangulum aquale fueris quadraro’
quod amediafit, erunt tres
bkineaille proporsio-
nales,

Inttresre&z A, B, C proportionales,
vtAad B;itaBad C. Dico quod A,C

A continetur -

; - quale effe ei
D P—B—I-; :lx B. Ponatuq;
—S—4 D zqualis ipfi

B. Etcumfit

vtAadB;itaB
X7  |€ad C; fitvero ipfi Bzqualis
< Ds;eritvtAadB;itaDad C.

apropae.¢ A. .4 Curm autem quatuor reétg
! proportionales funt, eft quod extremis
continetur reGangulum, zquale ¢i quod

mediis comtinetur re@angulo, Quod er-

go A& Ccontinctur , zquale eft e quod

B, D continetur; at quod B, D contine-

tur zquale cft ¢ quod ex B; et enim Iz

_ ip

A
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ipli Baqualis; Ergoquod A, C contine-
wur,zqualeeft ¢i quod ex Bquadrato. Sit

iam quod A,Cestinetur;zqualeci; quod

ex B. Dicoefle, i Aad B itaBad C, iif

denm enimconflrullis,cum quod A, Ccs-

tinetur 2quale fit i quod e2 Bi& quod ex

B,zquale ciquod B, D continetur; quod.

B,D zquales fint ; erit %udd'A,C conti-

netur, zquale 3] quod +» D continetur.

#quando autem quod extremis contine- bprepseik:
tur,zquale eft ci quod continctur mediis,

fuat quatuor ille linex proportionales, ~ -+ -
Eftigiturvt A ad B;ita D ad C: zqualis

. autemeft D ipfi B: crgovt A ad B;itacft

~ BadC.Si ergo,tres linez,8¢.Quod opors

tuit demonftrare,’ -

%

Propofitio 18. Probl. ¢,

Super dava vela linea date yellilines |
fimile fimiliter g, pofitum yectili-
weumdeferiberes,

OPorteat fuper data A B dato re@ilis
neo C E fimile fimiliterque poficum
re®ilineum defcribere. DucaturDF, &
" aconflituantur ad pun@a A, BreGz A B dpropag.se
anguli GAB , AB G zquales angulis C, '

' R C D Fa



C D F;eritque reliquus CF Dreliquo

AGB zqualis triangula igitur FCD,

' G A Bfuntzquiangula. b Eftergo,vt FD
P-4 \d GB;itaFC ad GA; & CDadAB.
¢prop.23.1. ¢ Conflituantur rurfusad pun&a B,Gre-
&2B G anguli BG H,G B Hzqualesan-

ulis D FE, F D E; eritquereliquus E re-

ﬁquo H zqualis : triangula ergo ¥ DE,

dprop.g.6. GBH zquiangula funt; deftigitur ve FD
adGB;itaFE,GH; &ED adHB. O-

flenfum autemeft,effevt FDad G B;ita

. epropuns. FCad G A,& CDad AB;eigiurvt FC
8dAG;itaeftCDad AB; &K FEad GH;

itemque E D ad HB. Et cum angulus

CF D zqualis fitangulo AGB: & DFE

ipfi BGH: erit totus CFE toti AGH

zqualis, Eadem de caufa erit angulus

CDE zqualisangulo ABH. Eft vero &

angulus Cangulo A’; EtangulusE angu-

_ lo Hzqualis: zquiangulaergo funt A Hj
: ~ CE,habentquelatera circa zqualesangu-~

Fdefat. )os proportionalia. f Eftigitur A H re&i-

C 2 lincum
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. Bineam fimile fimiliterque pofitum re&i-

linco CE. Superdataergo re&alinea,dic)
Quod oportuit facere, ,

Propofitio 19. Theor.. 13,

Similia trianguls inter [¢ funt indy-
-~ plapreportione fuorumla
. terum. -
Smc ABC,D EFrriangula Gmilia ;ha=
bentiaangulos B, Ezquales; fitqure vt
- ' - ABadBC;
'A' ita DEad
- EF,vtla= -
terar B g;
. EFfint
. E F mologa.
DicotriangulumABC
ad triangulum D ER
¢ duplam habereporportionemeius,quam
: hagct BCad EFE.,A Slt)xmatur enimiplarum 47183
: BC,EF tertia proportionalisB G vtfic
i quomodo BCadEF;itaEFad BG;du-
} caturque G A. Cum igitur fievt AB ad i
. ‘BC3itaDEad EF;beritpermutandovt bigi 1 &
i ABad DE;itaBC adEF. fed vt BCad
¢ EFsicactt EFadéG_:;rgovt lAB adDE;
b BG: Triangulorum ergo
a tacsl EFad B Rgé AB%:_.

a =, Wm - e SR e - gt
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AB G, DEF lateracirca zquales angu-
los reciprocantur. Quorumautemtrian-

A © D gulori v-

_ il angu-
‘ lum yniz-

. qualé ha-

" E_F bentiii k-
tera circa

¢ zquales angulos reci-
prolc)ai)at;r sillazqualia

¢ funt:etriangulacrgo »2ABG2qua-
o nt. Ec g clt st BC ad E F3iaE F
ad B G; quando aiitem tres linez propor-

ddef 10, 5. tionales funt, dprimaad tertiam duplam
- proportionem haberedicitur eius, quam

_Ekabct adfecundam.BCergohabetad BG
duplam proportionem cius, quam habet
eprop.t. 6.ad EF. ViveroB Cad BG;eitaeft trian~
gulum ABCad triangulnm ABG :habet
ergo triangulum A B Cad triangulum
A% G dupﬁm proportionem cius, quam
habet BC ad EF. Eft autem triangulum
ABGzquale trianguloD EF :habet er-
gotriangulum ABCadtriangulum DEF
. duplam proportionem eius, quam habet

' BCad EF. Similiaergo triangula,
&c. Quodoportuitde- )
monltrace..

Corel-
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Corollarium.

Exhismanifeftum eft,fitreslinez pro-
portionales fuerine;-effe, vt primam ad
tertiam, ita triangulum {uper prima de-
{criptumaad triangulum fuperlscundaﬁ-
mil¢ fimiliterque deferiptum. Oftenfum
et cnim, veeft CB ad BG ; ita effe trian-
gulum A BC ad triangulum AB G, hoc

cfhadtriangulum D E F, Quod oportuit
demonflrare, - )

* Propofitio 20. Theor. 14.

. Sémilia polygona in fimilia triangule
. diniduntur; & numero aqualia,¢rbo-
* mologa totis; & polygonum adpolygo-

“num duplem babet proportioncm

 &bme,quam babet latws homo-
boguws ad latws homo-
» logum.

SInt fimilia pol;;_gom ABCDE,
F GHKL, & fitlatus ABhomolo-
um ipfi F G. Dico polygons ABCDE,
% G HKL in fimilia trianguladiuidi, &
numero equalia,& homologa totis;&po-
lygonit ABCDE ad polygonii FGHKL
. R 3 du-
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duplicatam habere proportionem eius;
quam habet ABad F G, Iunganturenim

BE,EC, GL,LH ;&quiapolygonum

ABCDE fimilecft polygono FGHKL;
eritangulus B A E zqualisangulo G FL;
&et,vtBAad AE ;taGFadFL. Cum
itaqueduo finttriangula ABE,FGL,v-

num angolum vni zqualem, & circaz-
qualesangulos latera proportionalia ha-

sprép.6. €. bentia,a erunt ipfa zquiangula,ideoq; 8¢
fimilia: 2qualis eft ergo angulus ABE an-
guloFGL ;eft verd & totus ABC,toti

FGH zqualis, propter fimilitudinem po-

bax.s, lygonorum ; breliquusergo EB C, reli«
?uo L G H zqualis erit. Er quia propter
imilitudinem triangulorum ABE,FGL,

. efvt EBadBA;itaLGad GF. Sed &
§47rp-23.4. propter fimilitudinem polygonorum,, eft
vtABadBC;itaF Gad GH;eex zqua-

li ergoeft,t EBad BC;ita LG ad GH; la-

tera
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tera ergo circa zquales angulos EBC,

L GH, funt proportionalia; zquiangula

dergofunt triapgula EB C, L GH; qua- 974 4

re& fimilia. Eadem de caufa fimilia fune

triangula E C D,L HK: Similia ergo po-

lygona ABCDE, FGHKYL, in fimilia

" triangula,& zqualia numero divifafunt.

Dico & homolagaefletotis, hoc eft, pro-

portionalia, & antecedentia quid€ ABE,

EBC,ECD ; Confequentia verd ipfo-

rum FGL,L G H,L HK;atque polygo-

num ABCD E ad polygonum FGHKE

duplam habere proportionem eius,quam

habet latus homologum A B adlatus ho-

mologum F G.Iungantur enim AC, FH.

Et quia propter fimilitudiné polygono-

rum,funtanguli ABC,FGHzquales; eft- ‘

que vt A Bad B C;ita FGad GH;e zqui- ¢27- 6%

anguhiergo funttriangula ABC,FG H:

zquales igitur funt tam anguli B A C,

GFH,quam BCA, G HF. Etquiaanguli

B AM, GFN zquales funt, oftenfique

funt & ABM,FGN zquales serunt &

reliquiAMB,FNG ¢quales;funt ergo tri-

angula ABM,FGN zquiangula.Similiter

oftendemus & triangulaBMC,GNH effe

#quiangula. Eft ergo v AM 2ad M B ;ita

FNadNG.ExveiBMadMC;itaGNad
ST R e NHa
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frrep.2.5 N H; ex faquali ergoelt ve AMad M C3
grPhs jtaFNadNH:gledve AMad MC ;5 ita
eft triangulum ABM ad triangula MBC;

& AMEad EMC;funtenimad {e inui-

hpropas,g, cem vt bafes; & 4 vt vnum antecedeari-

: um,ad vnum confequentium ; ita omnia
antecendentiaad omnia cdfequentia, V¢
ergotriangulum AMBad BM Cjita tri-

s s ANgulum ABEad CBE :éfed vt AMBad
#78-1+¢ BMCjitacR AMad MC; Veerga AMad
MCiitatriangolum ABEad EBC,Eadem
decaufaseftve F Nad N H sitatrianguli
FGLadGLH:EteftivtAMadMC;ita

FN ad NH; Vt ergo triangulum ABE

ad BEC;ita triangu%um FGLadGHL;

kyropags, k& permutido,vtABE ad FGL;ita EBC
ad GLH. Similiter demSftrabimuys du&is
BD,GK.Effe vetrianguliBEC2d LGH;

it ECDad LHK: & quiaeft, nABE
adFGL;in EBCad LGH; &ECD
Vpropas,y, 94 LHK: derit ve voum antecedentium

ad
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ad voum confequentium;itaomniaante-
cedentiaad omnia confequentia;ef ergo
vtABEadFGL;itaABCDEad FG
HK].:fed /ABEad F G Lduplam pro- ropas,e.
portionem habet eius, quam A B latus
homelogumad F G latus homologum.
m Similtaenim triaugulain dupla PDpor-mpre.rp.6
tione funtlaterum homologarum; ha-
bet ergo 8 ABCDE polygonu_m ad F
G HKL polygonum duplam proportio-
nem cius,quam habet A Bad F G, Similia
ergo polygona, &c. Quod oportuitde-
monftrare. Eodem modo in fimilibus
quadrilateris ofteadetur in dupla illacfle
proportione laterum homologorum,
- # Oftenfum eft autem & in triangulis. 2 prop1s.¢

Corollarium 1.

Vniuersé ergo fimiles re&ili-
¥ ez figura ad fe ipuicem funt
— in dupla proportione laterum
zo IT homologorum; & fi ipfarum
, AB,F Gtertiam proportiona-

BG  jemfumamusX;bhabebic A B béefrouse
ad X duplam proportionem eius, quam
habet adFG.Habet autem &polygonum
#d polygonum, & quadrilaterum ad qua-
: R g drila-
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drilaterum duplam proportionem cius,
' - quam habethomologum latusad homo-
seergrop, logum,hoceft:ABad FG.c Oftenfum efk
1.6, awtemhocin triangulis. _

Corollarium 11

Vaiuerse ergo manifeftum eft; fi tres

Garol, prop. fuerintre&a, efle ve prima eftad tertiam,

1.6 i3 ﬁguram i prima deferiptam, ad figu-

ram a feciida fimiliter defcriptam. Quod
eportuitdemontlrare, S

Oftendemus. etiamaliter,& expeditius
triangula effe iomologa. Exponantur
rurfus polygona ABCDE, FGHKL,
ducanturdue BE,EC,GL,LH. Dico
effe vt triangulum A BE ad triangulum
FGL;taEBCad LGH;&CDEad HKL.

.~ Cumenimtriangula ABE,F G Lfimili-
§p*ip-9.. lia fint,« habebit AB Ead FG L duplam

proportionem eius,quam habet latus Bls,
' a
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3d GL. Eadem decaufahabebit triangu-
lumB E C ad GL H duplam proportio-
nem cius,quam habct BEad G L.Efter-
govt ABEad FGL;itaEBCad GLH.
Rurfus cumtriangula E B C, LGH fimi-
liafine; habebit EBCad L GHduplam
proportionem eias, quam habet CEre-
&aadHL. Eademdecaufa habettrian-
gulum ECDad L HK duplam propor-
tionem eius,quam habet C Ead HL. Eft
ergovt BECad LGH;ita CEDR ad LHK
Qfteofumauté eft, effe,vt EBCad LGH;
itaABEadFGLjergovt ABEad FGL;
itaclt BE Cad GLH;&E CDad LHK,

b vtergovnum antecedentium ad voum bprgp ey,
confequentium; itaomniaantecedentia

ad omaia confequentia ; & reliqua vtin.
prioridemonftratione. Quod oportwit
demoanftrare.. :

Propofar.Theor.xj5.

2!4& cidem rectilineo funs fimilis, &

Ginterfe funt fimilia.
S It vtrumgque re@ilineorum A,BipfiC
fimile.Dico &Aipfi B fimile efle. Cum
enim A ipfi Cfic fimile, eric & xquiangu-
lomilli, habebitque latera'circa zquales

angulos praportionalia. Rurfus cum R
fimile
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: fimile fie ipht

: C,zquiangu-

é 15l i, ba-
“TI A ‘ bebitgue eir-
poe cagqualesan-
, gelos  latera
proportionalia; Virumque ergoipforum
A,B zquiangulum eftipfi C, & habet cir-
cagqualesanguloslatera proportionalia;
erunt ¢rgo &A,B gquiangula,habebunt-
que circazqualesangulos,latera propor-
tionalia:fimilia ergo funt.Quod oportuit

demonftrare, '

Propof.z2.Theor.16.

Si quatuor relts linca propertionales
Juerint; erunt G reciilineaab ipfis fi-
milia fimiliterq, defcripta proportio-
malis:Et firectilines fimilis fimiliter 4,
" abipfisdefcriptaproportionaliafue-
vintierunt & ipfe propor-
tionales.
Slnt quatuorre§tz AB,CD, EF,GH
proportionales.Vt ABad CD;itaEF
sprop. 18,5 3d G H, adeltribanturd; fuper AB,C D
fimilia, fimiliterd; pofitareGilinea KAB,
LCD.fuper EF, GH fimilia ﬁm.iliter%ue
. pofita
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ofitaMF,
é‘ '.[[’*IH. Dico
_ effe,tKAB
€ DyICD;ita
MFad NH.
% \ bfumature- bpropai.e,
72 G nim ipfarfi
- . 24 AB,CDtet
s ¥ F ta pportionalis X; ipfa-
2z \  rumveroEF,GHtertia
- jpportionalis O. Etcum
P AVt ABadCDyaEF

adGH&vtCDadX;ita GHad O:¢ e cprup. 2.5
sitexzquali; vt ABadX; ita GHadO:

dled ve ABad X ita et X ABad L C D& d proprs.¢
vt EF ad Qjitae MFad NH:ergo vt ABK ¢ oor. prop.
adCDL,itacft MFadN H. Sed fitvt 246
KABadLCD;itaMFad NH. Dico

efle,yt ABad CD; itaFEad G H. Fiat fyrep.s2.6.
fenim vt ABad CD,itaEFad PR, gde- gprop.sd.¢
fcribatard; fuper PR reQilincum SR fi-

mile fimiliterque pofitum ipfis MF;NH.

Cum ergo fit, ¢ ABadCD; itaEFad

P R, defcriptague fint fuper AB,C D te-

&ilineak A B, LC D fimiliafimiliterque
pofita;fuper EF, PR verd fimilia fimili-

terque pofita MF, SR ; critvt KAB ad
LCD;itaMFadS$ R:poni;u:autc:lt{nAvl;
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KABadLCD;itaMFad NH. Habet
ergoMFad N H,&ad SR eandem pro-

bpreps.s. portionemsh zqualia crgo funt NH,SR;
fed funt fimilia imiliterque pofita;zqua-

les ergo funt G H,PR. Etquiacf,vt AB

. adCD,itaEFad PR ;& funtPR,GH
gquales;eritvt ABad CD:ita EF ad GH.

Si ergo quatuor, reétz, &c. Quod opor-

, suit demonfirare,
Lemma . .
N Quodau-

= S tem quido
E ' - re@ilinea
R H =qualia fi=

~ “milia fuerint, ipforum latera homol(;gl
zqualiafint, ficoftendemus, Sint NH,
SR zqualia, & fimilia; fitque ve H Gad
GN;itaRPad PS.Dico R P,GHzquales
effe.Si non:erit vna maior. Sit maior R P}
ciiergo fit v R Pad PS;ita HGad GN;
" aeritpermutando, vt R Pad GH;itaP$
8p72).26.5: 3d G N:maior eft aurem PR quam GHr
maior ergo etiam erit P S qua G N.Qua-
re& R S maius erit,quam H N: fed eftilli
¢quale;quod fierinon poteft:Non eft er-
go PR maior quam G H.Quod gportuit
demonfirare, '

o

Pro-
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Propof.23.Theor.17. f
\Aequiangula parallelogrammainter
- feproportionembabent ex laseri-
buscompofitam.
3 Int  zquiangula

:}""“D“*H Sparallelogramma
’. AC,CF#qualesan-

~— & gulosBGD,ECG

1 Eaben;ia. Dicoilla

=\ proportioné, habe-
re, ex proportigne

X laterum compofita

; exilla nimirum qui

L KLHET R A p CG;&.
quam habet DCad CE. PonaturBCi-
pi C GindireGumia critergo & D Ci- aprap.igy
pliC Ein direGum, & compleatur paral--
ldlogrammum D G.Exponatur quedam
tea K, b fiatg; ve B Cad CG;itaKad L; bprepiisig
&vt D Cad CE;itaL ad M. Proportio- y
vesergoKadL, & Lad M, czdem funt
quzlaterum, BCad CG&DCadCE,
¢ Sed proportio K ad M componitur cx cdef 5.,
poportione Kad L, & L ad M; habet er-

go & K ad M proportionem ex laterum
proportione compofitam. Etcumfitve .
BCad CG;ditaAC parallclogrammuné dprep. 1.4

L]
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adCH: &vt BCad CG;ita Kad Lg

eprep. 11 ¢ erit vt KadL, itaACad CH. Rurfus

- fcumficve DC ad
25 >_H ¢ E;ita parallelogra
mum CH ad CF;&
\-re' vtDCad CE;itaL

adM, gericvt Lad

gIOIL S - zz\ | M,itaCHad CF.

Cumigitur oftélum
\ fit, tKad L;itaeffe
](f.’l‘lé'\ - A€CadCH;vtverds
% LadM;ita CH ad

hprop.22.4 CF;beritex zquali,yt K ad Mjita AC,ad

CF. AtKad M proportioné habet com-
pofitam exlateribus: ergo& ACad CF,
» propottionem habet compofitam ex la-
teribus :zquiangula ergo parallelogram-
mum,&c.Quod oportuitdemontirare.
Propofiz4.Theor.18. -

Omnisparallelogrammique cirea dia-

metrum funt parallelogrima,.fimilis

[ant toti, Crinter [é.

Itparallelogrammum ABCD,diame
Strus A Cycircaquam fint parallelogri.-
ma EG,HK. Dico vtrumq; E G,HK to-
ti A BC D, & inter fe fimilia effe. Cum e~
aim ad latus B CtrianguliABCdu&a a{lis
: . Pll' -
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paralica EF, # erit vi BEad BAjia CF 4 prup.a. ¢,
ad FA.Rurfuscum ad latus C D triangu-
liACD du&afit pamslicla F Geritvi CE
cT - _adFALIaDG

A_E. Bad GA. Sedve
CFadFA;ita .~ 2

- oftéfa :ﬂBE'ad ) ~
-~ , . EA; b ergovey,
P ¢ BEadEAg;ita prepees

eiDGadGA:

¢ componehdo ergo vt BA ad AE;ita cprapis.s
DAad AG: &perdmutando; vt B A dprepid.s
adADjita AEadAG: paraliclogram- - -
morum ergo ABCD, EG latera circa
communem angulum B A D funtpro-

ortionalia. Cumque GF,DCparalle- .

zf{int, e cruntanguli& G F,A D C;iten €prop.29.1,
GFA,D CAzquales; communisD A Cs
triangulaergo A D-C,A G F zquiangula
font. Eadem de caufa ervac & ABC,AFE
@quiangula: tota ergo parallelogramnia
A B CD,EGfuntzquiangnla;feftigitur
vt ADad DC;itaAG ad GF;&vt DCad
CA;itaGFad FA.Vt vero ACad CB;ita
AFadFE;&vitCBadBA;itaFEad EA.
Etquiademonfiratimeft,effeveDCad . .
CA;ita GFad FA.VtveroACadCB;ita . | |
‘AF ad FE;eritex zquali vt DCad CB; ita '
‘G FadFE. Panallclogrammorum ergo
ST S = ABCD,

f f"'.f“ Y
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. ABCD,EG lateracirca gqualesangulos
funt proportionalia;fimilia ergo funt. Ea-
dem decaufa erit pardllclogrammum K H
toti ABC Dfimile: virumq;ergoEG,
. KHtoti A B C D fimile efl.g Quz autem
BP9 cidem funt fimilia, &lnter fe funt fimiliaz
eftergo EGipi K H fimile. Omnisergg
- parallelogrammaj, &c. Quod oportuitde-
monftrare. - - '
o "" Propof.z§.Probly. |
v Datorectilineo fimile,&ralteridate

- aquale conflitueres,
S e It datorei-
' lincoA BC
D | fimite conflitu-
- endum, zquale

“verd ipfiD. 4
- Applicetar ad

npropesa B R e l‘l‘ lat’ BCtrian-

¢ guloABCz-

quale paralle-

o " CE J.‘IlogrimﬁBE:

x ad CE verd ¢quale ipfiD,ni

A it CMin angalo FCE,

. #qualiangnfo CBL; bindi-

re&fi ergo erit BCipfi CF3

, \ &LEipfi EM, ¢ Accipiator
& H . .P

: ipfarumB C,CFmedia pro-

o . yﬂ:f
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portionalis G H; & fuper’ipfaipfiABC

re@ilineo d {imile defcribatar, &fimiliter ¢ pr9p.18.0

pofitam’KGH. CumergofitvtB Cad
G Hi,ita G Had CF(quéido enim fuerint - .
tres e reCte proportionales,eft vt primaad :‘:"r‘""’ .
tertiam ; ita figura fuper prima defcripta ™
-#d figuram fuper fecunda fimilem, fimi-
literd; defcriptam)Eftergo vt BCad CF;
ita tr:angu’um AULCad triangulit KGH, .
fSedvtBCad CF,itacftBEad E Fvter-
go g triangulit A B Cadtrianguli KGH; £ ‘
‘tta eft B E parallclogrammum ad E F pa- ('::;'"’
rallelogrammum : & b permutando, vt E propard.y
ABCadBE;itaet KGHad EF. £quale
autem cfttriangulam ABC parallelogri-
mo BE:ergo & triangulum KGH zquale
eft parallelogrammo E F.Sed E F aquale - -
eftipfi D:ergo & KGH ipfi D eft zquale. -
Eft verd & KG Hipfi A B Cfimile. Da-
to ergo raitilineo,&c. Quod oportuit fa-
cere. : '
Propof.26.Theor.19.
Si & parallelogrammo parallelogyam.
mum auferatuy , fimile toti fimiliter g
pofitum,commmmem ipfihabens ana
. gulumcircacandem digme- -
T #remeittoti; - o
AN Apa

.
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) arallelogtam=
¢ D A-t';)o ABCgl; au-
feraturparallelogra-
mum AF fimiletoti
ABCD, & fimiliter
: ~c  pofitum; communé
B angulumPDAB cum
ipfo habens.Dico A B C Dcirca canidem
diametrum efleipfi AF.Si non.Sit ipfori
diametrus A H G & ducatur per H veri-
- queAD; BCparallcla H K. Cum ergo
oprep.2¢.6 ABC D circaeandem diametrum ficipfi
KG;aerit ABCDipfi KG fimile.Efter-
govtDAad AB;itaG Aad AK: eftauté
propter fimilitudinem ipforum ABCD,
‘EG,vtDAad ABjitaG Aad AE.ergowe
bpropar §. b G Aad AE,ita G Aad AK; habetergo
&prp9s. .G Aadveramgs AK, AE ¢ eandem pro-
portionem, zqualisergoeft AEipfiAK,
. minor maiori,quod fieri nequit.Non er-
go ABCDcircacandem dismetrum eft
ipfi A H. Circaeandem ergo diametrum
. eftipfi A F.;Siergod parallelogrimo,&c.
Quod oportuit demonftrare.
‘ Propof.27.Theor.z20.
Omniumparallelogrammorumadean-
demveiiam lineam applicatorsm , &
deficiemsinm figura parallchogrammis
- KN ﬁ”‘..

!
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" fimilibus, G fimiliser pofitis eiqua d di-

midiadeferibitur , maximam et quod

ad dimidiam ¢33 spplicatum, fimile
exiftens defeiu. .

EQaAB sbifo- aprep.re.r.
ceturinC, &
applicetur od AB
re@am * parallelo- * yuels
rammum A D de- "%

Ecicns figura paral-
lclogramma D B, fi-
mih, & fimiliter po-

A, : fitaei,qua i dimidia
ipfius AB defcripta eft, Dico ompium
parallelogrammorum ad AB applicata-
rum , & deficientium figuris parallelo- .
grammis fimilibus, ﬁ_mil:t’cn']; pofitisipfi,
D B,maximum eflc A D, § Applicetur e- ‘
nim ad re@am A B parallelogrammum bprp.ger
A F,deficiens parallelogrammo FB imi- :
" lifimiliterque pofitoip(i D B, DicoAD
maiusefleipfo AF.Cumenim D Blimile,
fitipG FB, ¢ eruntcircacandemdiame- eprop.26.6
trum. Ducaturillorum diame¢rus DB,
& defcribatur fgura.d Cumergaipfi CF dprop.s32
wquale it F E, 1 cdmuncapponatar F B,
eerit torum CHtoti K E zquale. Sedipfi ¢ 4%:%
CHzqualeeft CG cum AC,CBaquales

N S3 fint;
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fint;ergo 8& GCipfi EK zquale eft. Com-

munpc C Fapponatur; &erittotam A F

goomoni L M N zquale.Quare DB,hoc

eft AD,quam AF maius cft. Omniumer-

goparallclogrammorii,&c. Quod opor-
- it demon(‘- are,

- Aliter. Sit A Brurfus
B G in Cbife@a,& applicatia
- ‘AL,deficiensfiguraLB.

Appliccturad AB paral-

lalogrammum AE defi-

ciensfigura E B,fimili&
3 fimiliter pofita ipfi LB
AD © adimidia AB defricpta.
Dico parallelogrimum A L ad dimidiara
. epplicatii maiuseflcipfo A E. Cum enim
8prop.20.6 EBipfi LB fimilefit 4 crunt circa candem
diametrii,que (it EB,perficiatarg; Gigurs.
Quiaergo LF ipfi LH gquale eft,quod &
. FGipfiGHfitzqualis; FL, quamEX
bprep.gs.r maiuseritbequale eftautem LFipfi DL:
maiusergoeft DL quam EK, commune
addatur KD;totum ergoAL totoA E ma-

ius eft. Quod oportuitdemonttrare.

Propof:28.Probl.8,

. Addatamreitilineamdsto retilineo
aqualeparallelogrammum applicare »
deficiensfigura parallelogramms , que.

| Jr
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St fimilisdlseridate. Opertetans? ds. .
tamrelilineum , cuiaqualespplican-
durhest, maiusnoneffeea, quodaddi. -

Iy, MR ope . .
midiam applicatur, fimilibus exiftéti-
bau defeitibuir e0 quod ddimidia,Or
T 0w opoﬂqt/imiledqﬁar?. '
H__G 0 F QltrcdadusAB;
. re@ilineum da-
~ tum,cuioporteate- .
quale applicare, F t
C,non maiusex'iﬂé_s
coquodaddimidii =
s applicatiefl,fimili- =
" 'libus exiftécibus de- o

g N fe@ib®.Cuiau-.
D I& tem oportet {i-
4 mile deficere,
o fitD. Oportet
ergoad ABre&ilineo Czqua- .
le parallelogramum applicare .
1A deficiés figura parallelogrima
‘fmiliipfiD.a BifeceturABin E &b defcri o prop,ro.r2
‘barur {upEB ipf! D fimile,imilicerq;pofi bprepas. s
“tfil EBFG compleaturd; AG paraliclogra
‘mii:quodipfi Caut ¢quale eft,aut mai® ob
determinationé.Sig¢quale,faliteft piube
batur;apphicatii enim eftad ABre&ilineo
-Czquale paraliclogrammii AG deficicas
a TS fguns
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figuira paraliclogramma GB fimiliipli D,
Stvero HE maius eft quam C; erit & GB
maius,cum GBipfi HE fitzquale. Excef-
fuiauté,quo GBexcedit C, ¢ fiat zquale
KEMN;fimilefimiliter; Poﬁtﬁ’ipﬁ D.
Etcum D fimilefltipfi G B, erit & KM i~
pliGB fimile.fitlinea KL ipfi GE;& LM"
1pfi GFhomologa;qa ergoGB gquale eft
ipfis C,&KM;eritGB;quiKM maius;eri
P ergo& G Elineamaior quiKL; & GF,
#7034 quam EM.d Fiatipfi KL zqualis GX;ipfi
LMipfaGO,campleaturg; parallelogra-
mum XGOP, quod erit zquale; & fimile
epropar. € jpfi K M.fed KM ipfi G B fimile cft ; cerit
£prop.ac.q ergo &GP ipG GB fimile:f funtergo GP,
GB circacandem diametri, que fit GPB.
‘&defcribatur figura.Cum itaq; GB gqua-
) lefitipfis C,KM,&GI;ipﬁKM;crit reli-
: #3.1 Quus T¢¥ gnomon ipfi Cequalis,g cum-
i §ue O R,ipgﬁ XS ﬁtz[;n.a:lf :1 fi con'{munc
. haxa.  PBaddatur;erit b totum O Btoti X B 2-
2779301 quale. fed X Bipfi T E eft § zquale,quod
AE,EBfintzquales: cRergo& T Eipfi
OB zquale,fi commune X Saddatur,erit
totis TSgnomoni ¥@ T zquale. Sed gno-
ke, OO ipfi Coftenfuseftzqualis: £ cftergo -
*  TSipliCequale.Addatam ergo ABdato
reilineo Czquale parallclogrimumTS .
applicatym eftdeficiens figura PB ﬁgliﬁli
co _ R 3

cprop.as.d
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ipfi D,cum PBipfi G Pfimilefit. Quod
oportuitfacere, . o

- Propofitic 29.Probl.g. -~
Addstamreidam datore&ilineo aqua-
Je parallelogrammum applicare exces

densfiguraparallelogramma.fi-
, mils afseri dasa.
Sé'r D ATAfeGaA B; & reQilincum
, cui oporteatad A B zqualeapplica-

~ N P . 1 :
re, cuiantem fimile effe debeat excedews 1prp. 10.1
fit D. a Bifecetur A Bin E,bdefcribaturg; b2r2:48-¢.
fuper EB paraliclogrammum fimile, fimi-
litergs politamipfy D; Aequaleverdverie 4
quée BF, & C& fimile ipfi D ¢fiat GH, eprop.is.8¢
+ quodipfi F B fimile erit. Sit auterg latus a
L S s ' X H

1
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K Hhomologum lateri FL;K Gipi FE.
Etcom G Hmaius fit qui F B, erit&KH
maior,quam FL; & KG quam FE; pro-
ducanwrF L,FE,vtipfisKH,KG 2-
quales fiant,in M& N, compleatieque
MN, quod ipiGH zqualc&ﬁmiled\ H

N cAN )

dprep.21.6, af
epropaé.d, L ' [

fed ipli GH fimile et EL;deft ergo &

MNipli EL fimile; ¢ funt ergo circa can-

dem diametrum, qua ducatur, & fit F X,

Fez,3. compleaturque figura, Quia ergoGH

- tam ipfis EL,& C,quamipfi M N 2quale

* cftyferit & MN ipfis EL & C zquale €6~

. ¢, mune E L tolatur; &erit gnomon ¥ T @

;:;:-;,x ipfi.C zqualis. Cumg; E A ipGfEBfitz-

ST qualis, g exit 8 AN ipfi N B zquale; hoc

ell,bipli L O,communcaddatur EX,erit-

v que

-
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quetotum A X,toti gnomoni ¥T® gqua-
le:fed gnomonipfi C zqualis éft: eriter
go & A Xipfi Czquale.Ad dati crgo AB,
datore&ilineo C zquale parallelo%]ram-
mum A Xapplicatum eft, excedens figuraiprop.sg@
parallclogrima POfimiliipfiD,s cum &E.
- Lipfi OP fimile fir. Quod oportuit facere,
Propofitio 30.Probl. 1o.
Dasam rectam lineam terminata ex-
 tremaacmedis ravionefécare.
Porteat datd terminatam A B extre-
'maac mediazatione fefcare .4 Defcsi. 2270451
5 batur fuper A B qua-
° dratum ‘1’5 C,b agph baripas.s
. ‘q ccturg;ad A C paral-
A \ B lclog:lmmum CD,
5 ' ¢quale quadrato BC.
° excedens figura AD
‘ fimili BC quadrato.
€ F »E quz quadra;um erit.
m tquiaBCipiCDz-
Bo qu;lle ot,fi cPommune
' C E auferatur; eritre~
hquum BFreliquo A Dzquale, funtve-
10 & 2quiangula; ¢ latera crgo iplorum cprep.ig.t
BF, A D reciproca funt circazqualesan-
gulos:eftergovt FEadED; itaAEad

‘ EB &cﬁFE ipi AC, hoc cﬁ,:pﬁ AB
zqua-
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aqualis: & ED ipfi AE; quarecftve BA
adAE;itaAE ad E B:dmaior eftautem
D A qum AE:maior
ergo & A E quam

A ’ B EB eft igitur re@a
' ABextremaac media
ratione fe@ainE; &

30 maior portiocft AE.
(Lod oportmt facc-

dprop.14.s

C F
A—;ﬁ Altter Oporteat re-

&am A B extrema ac
media ratione fecare:
'P“P-" -2 ¢fecetur ABin C; vtquod AB,B Ccon-
tinctur,zqualefit eiquodex AC quadra-
\  to.Cum ergo quod A B,B C continetur
2quale (it ei quod ex A C fit quadrato;
fprep17.6 feritvi ABad AC;ita ACad CB. Eft
ergo A B extrema ac media ratione fe&a,

‘Q_od oportuxt facere,

Propdfitio 31.Theor.21.
Intriangulis reﬂmgula figura qua fit
dlatererectum ﬁ;bm:dmte equalis eﬂ
Jigursque  fiaint 4 lateribms recinm co's

;mermbla, fimilibus; [ mlmrﬁ
' de/ir:pm.

" Sit
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I triangulum re@angulum A B Cre-
&um habens angulum BAC. Dico,

id quod fitexBC zqualeefie illis, quz f-
> untexBA,
bus fimili-

terque de- .

‘ =1 {criptis. Da

catur pet-
B c p‘cndicgfa-
risAD,ac-
, runtq; tei-
angula AB D,A D Ci perpendiculari fa-
&a, 8 toti AB C,&inter fe imilia. Cum-
-qué ABC, ABD fimiliafint; eritve CB

"m' " “

adBA,itaABad BD,bquandoaustétres beoml. 2.
funt proportionales, eft ve prima ad terti- prop-as &

amita quz 3 prima defcribicur figuraad
figurain {imilem d fecunda defcriptam. Vi

. ergoCBad BD;sitacltfiguraex CBad fi-
guram ex BA, fimilem Gimiliterq; deferi-
tam, Eaderh dc caufa,eritve BCad C D;

stafiguracx BCadfiguramexCA.Ergo -~

vt B Cad BD, DC;ita figura ex. BC de-
feripta,ad figurasex B A, ACdefcriptss G-
miles,fimiliterq; pofitas: zqualis oft aut&
BCipfisBD, DC;ergo& figuraexBC
squalis erit figuris ex B A, A Cfimilibus,

fimis
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fimiliterq; deferiptis. In reangulis ergo
triangulis, &c. Quod oportuitdemon-
cpropae.é.frare, Aliter.¢ Cum fimiles figurein du-
plaproportione fint homologorum late-
rum , habebit figuraex B Cad figuramex
o BAduplam
proportio-
nem -cius,
qua habee
<1 latus BCad
.B A. Ha-
D < bet verd &
quod exBC
quadrati ,

ad quadratum exBA duplam proportio-.

4 proprr.z.nem cius quam habet BCad B A.d Veere
’ * goeftfiguraex BCad figuram cxBA; ita

" eft quadratum ex B C ad quadratii ex AB.
Eademde cavfaeft, vt fguraex B Cad fi-

guram ex CA; ita quadtatum exBCad

uadratumex C A, Eft ergo vt figuraex
Cad figurasex B A,A C;itaquadratum
Prp#7 1 ex BCadquadrataexB A,AC. Sedequa-
dratumex BC eft zquale quadratisexBA,
A C: Eft ergo & figuraex B C 2qualis fi-

guris exB A, A C,fimilibus fimiliter~

quedefcriptis. Quod oportuit
- demonfrarc,

o« Propo-
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_ Propofitio 32. Theor, 23.
Sidno triangula duo latera dmobus les
teribus pn;portiomzli: habentia, adv-
wums angulum componantur,itavs la- -
terg homologa fint parallels, reli-
qualateraindiveGum ernnms
. conflitnta. :
. QInt triangula ABC, D CE habentia
duolatera BA,A C,duobus DC, DE
‘ roportio
'A xfaliag Vr
- ABadAC;
itaDC ad
. DE,fintq;
B (of Rtam AB,
_ ' .+~ DC,quam
AC,DE partallela, Dico CE ip(i BCin di-
reGum cfle.Cumenimin A B,D C paral- )
lelas re@a A Cincidat, # cruntangulial- 2pmps2s.;
terni BAC,ACD zquales.Eadem de cau-
fa 8 CDE,A CDzqualeserunt: vnde &
BAC,C D E zquales funt, Citigitur duo
triangulaABC,DCE vnum angulum qui
eftad A, vniqui eft ad D zqualem habe-
ant, & circa zquales angulos latera pro-
portionalia,vtbBA ad AC,ita CDad DE, bprep.6. 4
gquiangula crit:anguliigitur ABC,DCE
- - ~ Zqua~
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equales funt.Oftenfi autem funt& ACD,
B A C zquales. totus erge A CE duobus
ABC,BAC eftzqualis: communisA CE
addatury& erunt ACE, ACB zqualeshis,
prop-321. BAC,ACB,CBA: ¢ fed hitres duobusre- -
o . Gisfuntzquales:ergo &ACE,ACBduo-
busre&is 2qualeserunt. Ad pun&um er-
go Cre@z ACduzre&zBC,CEnonad
_ safdem parees pofitz, angulos deinceps
A CE, A CB duobusre&is zquales facis
dpropurgini unt;in ddireGum ergo eft BC,ipfi CE.
Si ergo duotriangula,&c. Quod oportuit
demoiftrare. ’ '

Propofitio 3 3.}heor.z 3.
In aqualibus cirewlis anguli candé pro-
portionem habent , quam peripheria,
qusbws infiffuns ,fiuc ad centra, fiue ad
peripherias conflituts infiftans.
2uin & feclores , quippe ad
;  centra conflituti. .
IN zqualibus circulis ABC,DEF ad cé&-
tra G, H conflituti fint anguli BG G,
E HFad peripheriasB A C,E DF. Dico
efle,vt BC peripheriaad EF peripheriam;
- itaangulum B G C;ad angulum EHF ;&
BACad EDF; &infuper BGCleGoréad
EHF {c&orem:Ponantur peripheriz BC
' Zquae
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AR

zquales quotcunque deinceps CK,K Lt
peripheriz EF quotcunquezquales F M,
‘MN,ducantorque GK,G L;HM, HN.
Cutn ergo peipheriz CB,C K, KL zqua-
lesfints serunt & anghliBGC, C & K, spropuap.ps
KGL zquales, quam mtgtiglci, ergoeft
peripheria BL peripheriz BC, tam malti-

plex eftangulus BG Languli BGC. Ea-

dem de caula quam maltiplex eft periphe-

riaN E peripheriz E F, tam multiplex eft
angulus N HE anguli EHE. Siigitur pe-
sipheriz BL, EN zquales fune; erunt &
anguliBGL, EHN equales: Et'fi peri-

pheria BL quamE N maioreft,erit& an-

gulus B G Lmaior angulo EHN set fi mi-

nor, minor. Cum jgitur quatuor fint ma
' gnitudines, duz geriphq;iz“B C,EF,&
"duoanguliB G C, EHF;acceptzq; fint
_peripheriz BC & anguli B GCzque mul- _
tiplices peripheria BL, &angulusBGL, * - -* -
Peripheriz verd EF & angall E H F peri-

pheria E N & angulus B_%‘IN-, demon-

“l'l-‘
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ftratumquefic fi peripheria B L maior fit
peripheria EN, &angulum B G L angu-
lo EHN maiorem efle ; & i zggalis =-
bdef.5.5. qualem; fiminor,minorem: b ER ergove
B Cperiphetiaad periphetiam EF;itaan-
. vlos BG C ad angulum EHF. Sed vt
wrop.ss.5 BGCad EHF; ¢ ita eft BA C angulus
ad ED F angulum, vterque enim veriuf-
quedupluseft: crgovt BCad E Fjitacft
"BGCadEHF;&BACadEDF.Inz.
‘ qualibus er%g girg'ulis »8c, Quod opor-

| tuit dyx{non ate. o

PR

1y

E. F _ _
' Dico pratcrea,vt eft BC peripheriaad EF
cripheriam;itaeffe G BC fe@orem ad
?‘I F EfeGorem.Ducantur BC, CK; ac-
 cipianturg; peripheriarum BC, CK pun-
&aX,0s& ducantur BX,XC,CO, OK.
.Cumergoduz BG,G C,duabusCG,GK
. equales fint, angulofque zquales conti-
dprop. #.1. neant ; d erunt & bafes B C, CKzquales:
igitur & triangula B G C,JGCKzqualia
crunt; cumque peripheriz BC, CKfint
. . ®mqua-
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.

!'?ualcs, erit & reliqua B A C peripheria

reliquz C AK 2zqua is;cc'r§o & angulus eprep.ay.90

. B X Cangulo COK zqualiserit, fpor- fdef.n. 3.
tioﬁes‘e'rgo BX C,COK fimiles funt, &
funt fuper zqualibus re&isBC,CK;gcir--gmw
culorum autem portiones fuper zquali- :
bus re@is conflitutz, zquales funt : por-
tionesigiturBX C, €OK zquales fune.
Sunt Verd & triangula BGC,GCK 2-
qualiastotusergo feCtor BG(C toti GKC
eftzqualis. Eadem de caufa, eruntfe@o-
resGKL,GKC gquales: tres iFitur fe-
&ores BG C,CG K, & LK zquales funt.
eadem'de caufa,erunt & tres HEF,HEM,
HM N zquales. quam multiplex ergo eft
peripheria BL peripherie C B, tam mul-
tiplex eftfeétor G I Lfe&oris G BC. Ea-
dem decaufa quam multiplex eft periphg-
ria ENperipheriz E F,tam muleﬂex cft

fe@or HENfe®orisHEF. Siergope-

- riphieria BL maior eft periphéria E N,

- erit & feGor B G L maior fe®ore EHN;;

- Bt fi 2zqualis, zqualis ; & i mjpor, mi-

| nor. 'Cam igitur quatuor fint magnitu-

| dines, dua periphériz B C, EF, & duo

: fe@ores GBC, E HF; acceptzque

« fint peripheri€ BC, & [e&oris GBC,

' 2que muktiplices BL peripheria, 8 GBL

. fe@or. Reripheriz verd, EF, & feQoris

P ’ ' T 2 HEFa
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HEF,peripheria EN,& fcGot HEN; dee
..= . monftratymq; fiti B L maior fit quiEN;
... & feGarem BG Lmaiorem eflc fe@ore -
. - EHN;& fizqualis,zqualem ifi minor mi-.
. §&tqe norem.g crityt peripheriaBCad EF pe-
'  ripheriam;ita GBC {eGtorad HEF fe&to-
tem. Manifeflii ergo eft, effe, veeft feGon
ad fe&orem, itaangulumadangulum. ’

« . Exlibro 13. Euclidas, -
o Propofitio 9, c
Silasera bexagoni ¢ decagoni cidem
ciresloinferiptaciponantur , erit tots
_ci_pqﬁu froportiam_litgrf:ﬂc.
¢ Int m éiféulo‘DCB,la;era BCdecago-
\J ni,AC hexagoniin dice&ii pofita. Di-
‘ .. .cototiABinCpropor-

= tionaliterefle fcgi »yMa-
¢ loremg; portionem efle

’ \ AC, Sumpto enim cen-
‘;B

tro E.. jungantur re@z
- EB,EC,EA, pducatus-
que EB inD. Quia igi-
turBClatuseft decagoni

. #quilateri,erit peripheria BEDquintupla
-~ periphetiz CB:igitur C D quadrupla erit

einfs



ciufdem CB.Vt # vero peripheriaCD ad aprop. 3.6
peripheriam C Bjitaeft an%ulus CEDad
+ angulum C E B:Quadruplus cftergoan-
ulus CED anguli BEC. Et quia bangu- bprop. 5. 1.
?us' EBC zqualis eft angulo BCE, erit
eangulus DEC duplusangali ECB,cum’- ¢prep 3.
que EC re@z C A fit 2qualis ( vtraque
enim ¢t zqualis lateri hexagoni circulo
BCP infcripti)derit 8rangulus CEA an- dprop.1.1.
gulo EA Czqualis: e duplus ergoeftan: cprop.ya.t.
ulus B CEanguliCAE:fedanguliBCE
guplqs oftenfuseftangulus CE D: qua-
druplusigitur eft angulus CE D anguli
CAE-.oftenfuscftautem & angulus CED
vadroplus anghli C EB: zquales ergo
?unt anguliCAE, BE C,Triangulorum
autem ABE, ECBangulus EBC eft com-
munis; £ erit ergo &reliquus A EB.reli- fprep 1.5,
uwo ECB zqua?s. Quaretriangula ABE,

B E funt zquisngola: g eftergovt AB gprop.g.0.
ad EB; itaEB adCB. Eftvero BEipfi
ACzqualisiigiturcftviABad ACiita AC
ad CB; Maiorauteme{tA B, quam AC;

b igitur& AC quam CB.Quocirca ABin harep.r4.§
.CfeQacftproportionaliter, & portio ‘v
maior eft AC,Qnod demon-
. flrareoportuit,

2o R

- ST » ) Pra. "~



304 LiBFER VI
Propofitio 10.
* 8i ecirealo pemtagonum equilaterum
infcribatur latus pentagons poterit,&¢
latus hexagowi,&rlatus decagoni,ei-
- demcirewloinferiptorum.
Sto circul®
ABCDE,
cui _pent_zllgo-
nem gquilate-
E rum ngcllSC DE
' infcribat. Di-
co latus péta-’
_ goni poffe &
~ hexagoni, &
J decagoni la”
eidem circuloinferiptori.Acceptoenim
* centro F dacirurAFG,FB,& ex Fad AB-
perpendicularis Fl,?_lg producaturin H,
mogantorque AH,HB, rurfusq; ab Fad
AHagatur perpendicularis FL, quzin K-
produ catur,iung mm.‘l; HM. Et quiape-
» riphicria ABCG zqualis eft peripheriz:
aprpp.2l.3 AEDG,a quarii A 8 Caqualiscft AEDy
- eftigitur & rcliqua CG, reliquz D G 2-
qualis. Eftautem CP'pentagoni; € Ger-
bdef25.2.8° Decagani erit.Et quia AF,FBbzqua-
».1.1, des funt, & perpendicularis FL¢ eritangu-

' :;:;.1:, lus A F Hangulo HF Bequalis,d ideog; -
o &

|




hatell ghatelyd dhidddiasadieitindidlt it Wittt aadiiadnidy Sadidtnd
pc:-’iphcria A Bdupla eritperipheria HB:
igitur A Hlatus elt decagoni. Eadem ra-
tione AH pcriphcriaipfius AK duplaeft.
Quia ergo peripheria AB peripherig HB
duplaeft; peripheriajvero CD periphe~
riz AB zqualis;cric & CD peripheria du-
plaperipherie H B ER vero & C Dperi-
_pheriadupla peripheriz C G: peripherie
ergo CG,BH zquales funt: fed BH ipfius
‘HKduplaeft, quod & A H. Igitur & CG
ipfius HK eft dupla. Eft autem peripheria
-CB peripheriz ABzqualisiergo totaBG
pesipheria,peripheriz BK duplaefiie vn- ¢ prep.574
de & angulus G F B, anguli BF K duplus
erit.Eft f vero & angul® GFB duplusan- fprep.se.5 .
uli FAB,& g funt FAB,ABF 2quales:cft g#rops-s.
iigitur& B F Mangulus.angulo FAB 2- hex.y.1.
qualis.Triangulorum autem AFB,BFM
' communis eftangulus ABFerit igitur &
seliquus AFBreliquoBMF gqualis.le_a-
re triangula ABF, BFM funt gquiangula.
$ Ergo eft ve ABadBF;itaF Bad% M:iprep.4. 0.
kre&angul tergo reQis AB,BM conten- kprop.r7-6
- tumzquale eft quadratoipfiusFB.Rurfus 1 27343+ ,
- § quonid AL;LH gquales funt;cdmunis,
& ad angulos reCtosLM; m eruntla: bafes g yrp 4, 4
HM,MA ¢quales.sVade &anguli LHM, o prop 4. «.
LAMzqualcs cruntifcd eangulus LAM, oprep.a.3




p prop.#.6.
qIrp.17.6 gulum ergogre@is AB, AM contentam,

306 TIBER Vi

angulo HB M eftzqualis : eruntigitur &
LHM,HBM zquales, & eft duorum tri-
angulorum BAH, H A Mangulus BAM
communis: eritigitur & reliquos AHB
‘reliquo HMA zqualis. Triangulaigitur
AHB,HAMfunt zquiangula, p Quare
<ft,vt BA ad AH;ita AHad AM.Re&an-

#qualeeft quadratore@z AH .Often-
fum cft autem & ra@angulumréQarum

tpropais, AB,BM zquale efle quadrato recta BF;

‘ergo re&an’gulqm linearum AB, BM,
«cum reangulo linearum AB,AM(7que

. funtgqualiaquadrato toti’ AB)eft zqua-

lequadratisipfarum BF,AH;& eft ABla~ -

. tus pentagoni 3 F B hexagoni ; A Hdeca-

gonisigitur latus pentagoni poteft & latus
hexagoni, & latus decagoni cidem circulo

infcriptorum,quod-eratdemonttrandum

ERRATA.
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