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- Geometrie, atqueadeo Ma-
thematum ommiuim funda-
menta ; in quibus explicandss

- f cuipiam idebor nonnulla
[ubticendo minus accurare
A2 Mathe-




, ;Matbemzztiw demonfbratio~
s numeros omnes explere, is.
elim inselligat non Sophiftis
‘yeuincendss, qui de indufiria
Yelint in luce cecutire, fed
docilibus ingensjs 17 veritatis
amantibus [cribere me infti-
uifle. Quibus profestonefio
an mediocri breustate obfcu-

© viora flant Mathemata , an
_ moleftiora nimia guorundam
accuratione, qui feu leClorum
ingenio, [es beneuolentie dif-
Sififatis per fefe obuia incul-
cdnt anxie, {5 ne quid omif-

~ [um videatur, tot in Ynum
Yatiocinasiones congerunt
quos
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quot fimsl mmte(comple&i fir
difficillimum. 1d non alibi
amagis quam in libro quinto li-
cebit intueri, ficus fuerit o-
portwnum alios pafiim com-
amentayios cim boc noftrocon-
ferre. Cum enim eins librs
T heoremata in omnem Ma-
thematice partem vim habe-
re amplifiimam cernerem;
non dubitaui quin proximé
cum primis natuy« pronun-
tiatis cobererent,, eagwe pro-
inde noua methodo ad prima
[ftatim prmczpm reuocaus , @
quibus minimim difiefl; jfmt. :

Quid enim  attinebat per
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Multiplicium , & probatio-
num flexus T yronemcircum-
ducere, fipropofitisclare ter-
minorum notionibus ad ip-
Jom quamprimum eritatem
magno compendio poterat pe-
wetrare 2 Hoc fane confilium
meum VEVE accipiant alif, vo-
bis tamen Auditoribus meis
i ipfo facile probasuram
¢ffe confido . Satis vero am-
 plum mibi theatrum eStis; ne-
que alind propofitum ﬁut In
hoc opere recudendo , quam
cvestris ferusre commodis,
 eam, que mibiobtigit, Spar-
- tam ornarepro Virili;ad cc-
teros
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Elementorum

LIBER I
“Definitiones.

- P Va&uom cft coius pats.
A Y| nulla,
€ ;‘,\i Lincacft longitudola--
] Hﬁf titndinis expers.
LY 0 Linex cxirema funt -
pun&ta. -
Linea recta eft qua ex aquo fuis
pundtis, feu extzemis interiacet; Sine (n=
iss axtrema oMby ant omnia medin Aus,
resifiimm earum, quainter Auo puncta disci:
poffunt.. S
5 Superficies¢lt qux longitudinem &
latitudinem tantum habet. .

¢ Superficici extrema funt linee,
T Aé 7 Plana

>



t2  LIBEKRL )
y  Plana fupesficies éft que ex squo
{uis extremis inierijcitur, N
¢ 'Planus angalas cit dua- A
rum lincar@ in plana fuper. - 4
ficiefc tangentium, & non i B &= @
dire@um iaceatium; alggrius
ad alreram inclinatio.
Ve planus angslus eft A B C, quem con-
Awintiines A B, A C qua 1neoien plane
pofita neniacent in Aircéum, fise non ¢ffi-
ciit unicam lineam ve@am, Gn ad [¢ mutue
snclinantus, [eg; coptingmit in punéto B.
¢ Redilincusangulus eft quirectis li-
neis conftituirar, B
10 Quando re&afuper re. A
&tam cofiftens zquales virim- l
que angulos fecerit, re¢tuseft DB &
vterque angulorum gqualium: .
que autem akeri infiftic, dicitorlin€a
perpendicularis.
~ Siclinew A B infiftens ipfi C D effvidén
perpendicuinris,quia Angulos qus funt dein-
¢eps. AB C, AB D,cfficss aqunles. i viergus .
angulus sdcirco eft veciwm.- -~ -
21 Obtufusanguiok cft, quimaior eft
redo
‘X2 Acutas,quireto minot.¥7¢ B A
obtufus angulis et ABC. maior
‘feido, BC; acutus verd ¢hredto €8 B
wminoreltA 8D, - . '

e
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LIBER I . 1¥
v 13 Terminus cf qued cuiufque.cft ex-

tIemum .

i¢ Figura eft qua (ub aliquo,aut ali-
quibus terminis continetar, .1

xg Circuluseft figura voica £ Ea

lineg termino contenta, quam 4 c

circumferentiam dicunr,a qua - B L
ad .aliquod pun@um imtra .
tontenrum omaes inex funt zquales,

16° Pun&am autom illyd dicitarcen.

trum. In ¢ircsle A B C F comtrumeft Dyoxc
guolinea D A, O B, D C,ud sivcumferen-
tinm duila, o omnes alia ‘fme aquples,

17 Diamerer circoli ¢ft recta per con-
trum aéta, & ad ambitum verimque ter-
minata, Cuinfinedisf A C, -
18 Semicirculus cft figura compre<
hen(a a dismetro & parte circamferen-
tie,que diamctroclanditwr,w 4 BC. -
Y9 Segmentum circulieft,quod 4 re-
&a linea & circumfercnua continerar,
gryalefEEG. . B
20 Re@ilinew figniz funr que rectis
lincis eontinenter, Trilaterz quz tri-

bus,Quadrilaterz quee quatuor, Mulsi- -

laterz qua plunbus,

11 . Trilaterarum avtem figu. A -
tatum Tnagulum ¢quilatcrum
eft,quod tnia latera habet ¢qua. ¢

lia, Qunls eft triavgninm 4 BC. :
T T ' 33 lle-

~

)



14 -  LIBER L

32 Hofceles(cu zquicrusaat =-

3uicru‘tum triangulum cft quod
uo rantum:latera-aut crura habee

wqualia. Qwaleeft triangulum DE

aqualis, . B

»

EF
¥, in quo due tantum latera D E, D ¥, funt

23 -Sgalenum triangolam. -
elb quod omnia tria latera A

baber inzqualis;vt GH K. -
34 Re&aogulum triangulum
¢ft quod coatinet angulum re-

- A

Qum.Talssft A BC,in quosngn- G 3

Ins B, oft véctus,
2¢ Amblygonium fcu obtu-
fangulum, quodangulum ha-

. bet obtufum, TaltefDEF, i» F R

a0 anguinsE, oft obtufus.
26 Ox?onium fewacutangu-
lum quod

gulos. Quale s G HI,.

a7 Iater Qx_adx{lateras Qua- A

dratum eft, - quod z?mlatemm
oft & zquiangulum,

latera & angules haber @qualia,.
Ft4B CD.

28:. Alcera paree longius figura
eft aquiangula quidem, atnon

zquilatera;  Qualis ¢ raE F
pA a ﬂﬁtf‘ H

*»

G
tres acutos habet an. A
N X

B

[]

cuquod& p—o
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LIBER L
%9 Rhombus cft figurazqui-
latera non tamen zquiangula:
- Qualiseff TXL M,
3o Rhomboides que oppofi-
1a latera & angulos zquales ha-
bet,non tamen aut omnia latera
aut omncs angulos habet z-
quales. V¢ O-P @ R. .

Aliz verd Aigurz quecungue gy
quadrilater® voceatur Trapezia,
Que irregulares funt &infinitz,
STYX, &ec.
32 Panllclelinczfintque 4.3
in codem plano exiftemtes, ¢ —D '
productz in infinitum neutram in pas-
tem coincident . Sew qua pari vbid; (batio
inter fedifiant, vt linea AB.C D, ,
- Parallelogrammum verdeft fi- ER
gura quadrilatera lineis parallelis D
defcripta. Vifigura EF G H, eff pa-
vallelogrammum quia defcribisnur li-
ntis B G, FE, parallelis,to lineis HE,G F,
fmiliser parallalis..

-
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16  LIBER L
Poftulata.

§ Petatur 3 quouis punclo ad aliﬁd

: quodlibet re&tam lineam ducere poffe,

14 Terminaam & re@am lineam in
dire@um & continuum protendere.

8 E quouiscentro ad quoduis intez-
pallem circulum defcribere,

Communes notiones fes

- Axtomata.
1 Queecidem funt ¢qualia, &interfe
funt ¢qualis,
2 Sizqualibus addas ¢qualia, tota e-
rumy zqualia,
3 Siab zqualibus demas zqualia,que
remapent erunt zqualia. . )
4 - Siinzqualibus adijciantar zquglid,
tora erunt inzqualia. L
§ S$iabinzqualibus tollagtar 2qualia,
qu¢ remanent erunt inzqualia,
6 Quz cufdem dupla funt, inter fe
funt zqualia.
7 Quz ciufdem funt dimidia, funt in-
ter fe zqualia, '

$ Quz mutuo fibj congruunt , fant -

@qualia inter fe,
T s To-

[P P



LIBER Y. 17
9 Totum eft maius fua parte.
10 Omnes anguli re&ti (unt inter fe x-
quales, ! -
" pr  §iinduas re@asre@a in- A \EB
cidens angulos interiores & ad
cafdem partes duobus redtis Celp
minoses fecerit, coincident duz ille Ii-
nez, protratz inillam partem,ad quam
‘fpectant duo anguli minores re&is, Vifs
énreilas AB,CD,eadens reila B F, facias
angulos internes ¢ ad eandem partem AE
F, EFC, minores Auobus reitis coincidens
illalinea prosralta verfus partem A C.
12 Due rea (patium non compre-
hendunt,
13 Partes.omnes fimul fumprz fuo to-
ti funt zquales, & totom zquale cft fuis
emunibus partibus.
Propofitionum alia faciendum aliquid
}ra)onnm,é wmvm}.r Prablemata; ;1:4 in
ola consemplasiont [iftunt s qua idsircs
Theorsmasa inferibuntur. . 1

' Note ad marginem.

Pott. A Poftulatum,
Ax, v y Axioma,
Def. id eft ¢ Definitio.
Contft. Coaftru&io.
Hyp. ,' tHypoxhcﬁs. _

Psiot
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18 - LIBERL ‘

Prior numerus aliqud ex dicis, po- l
feriorlibrum fignificat. Videf6.1. hoc -
cft,definitio fexta libri primi,&ec,

Quando numcrus folitarius apponi.. -
tar, puta 3. intelligarur propofitio ter-
tia, &c.

Item cum numeras libri non additaz
intclligataris liber in quo verfamur,, Y

b
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PROPOSITIONES.

Prdpoﬁtio 1. Problema.

Super data reéialineaterminaa tvi-

angulnm gquilaserum conftituere.

Lvem N It datare&a c
Q. A B. Cétroi- p
1
-\

gitul’ A, -
tio AB, derF:l'i.
batur caccalus B C D, & centro B,fpatio

codé ducatur circulus alver A C E, prio-
1€ fecans in pun&o C,iungantur{; reQg
linez CA, CB, & fa&um cft quod pro-
¥opitur.Rc&é enim AB, AC, (quiafunt

emidiametri civfdem circuli BCD, Jin-
ter {e {unt 4 2quales, fimiliter§;ob can-
dem cauffam “zquales Tunt re@te BA,
BC.Nunc verocumre@e AC, BC, vni

“
e 2220

& cidem A B, ®quales fint, erunt etiam.

inter fc 2quales ; & fic tiangulum A B

C,eft zquilaterum, Super daracrgore-

- &a A B, conftituimus triangulum aqui-

laterum, quod erat facicndum. 14 concin-
Aj folext problemata. P

- . ro-

a35defur
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20 LIBER I
###&ﬁ#ﬁ**##ﬂ-&#w%ﬁ!}

Propof. 2. Problem.
Ad datum punum datg veSe lineg
«qualem reciam ponere,

‘D pun&ia ‘ :
Ad,ﬁtcﬁﬁi- <
tuenda re@a %
aqualis . ipfi ¥ F - »

‘B C. Du&i
ergore@iA B, {nifiante fitduita) fiar -

fuper ea triangulum 4 zquilaterum A B
D, & centro B, {patio B C, ducatar cit-
culus C E; produlti deinde D B, vique
ad ambitum in B, centro D, fpatioD E,
delcribatur circulas EF, fecans produ-
&am D A in F, & fa&um erit quod peti-
tar ! Nam quiarc&z A F, B E, additis
qualibus A D, B D, fiunt ¢quales, g in-
ter f¢ b erunt gquales,quarere@a A F,ip+
fictiam B C, czqualiscft, Ad pun@um

ergo A, conftituimus rectam AF, ipft
.B C, 2qualem,quod era: faciendum. _
. Poffatita conflitni pun@um A, ¢ alin

guoque (35 praxis huins prablematis , [ed in
vefacili & primis initijs moyofius agendum
Bon paito cum Tyronibns ; quod idem dowito
Feq. probl. & prop. 7. :
Pro-
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‘ LIBER I 2% .
BB G GG S
~ Propo. 3. Proble. SN

Datss reliss lineds intqualibus de ma-
fore minors parem auferre.

. V T re@z A, ex maioge p—

BC,gqualis auferatur; _f AV o f
ad pa&t B,ponatur BE, » B 418

, ipfi A,zqualis,Moxcentro |
. B,(patio B E,fatcirculus D E F, eritgs )
ab&iﬂ‘a BD, ipfi A, zqualis; nam vira- i
queipfiB B, et zqualis; A, quidemex -
hypothefi, B D; autem quia eftciu(dem :
circuli § femidiameter. b def. 13.
|

Proble. 4. Theorema.

. Duovum triangutornm f latws onum

- ni, & alterum aliers fit aguale,
anguligne incer illa latera comtents
Jint criamparcs 5 exant & bafes «-

- guales; & ipfatnacriangula: [ed
& reliqys anguls. xeliquss angulss
pares ernnt, quibus kqualia lasera
Jubsendunswr, :

¢ Ve &



-que etiam pares anguli A, &

22 LIBER I

VT fiinwiaguis ABC, A, o
D E F, latus A B, lateri

.DE&laws AC,lateriDF, gC g R

alterum aleerific 2quale(vel

phrafi Grzca virumque v:rig:c) fimul-
, didkis la-

teribus contenti; Dico bafim B C, bafi

EF, cfle zqualem,& catcra confequi vt

cft propofitcum . Nam fi intelligamus

triangulum triangulo fuperponi a vt

* - anguluas A, cengruar angulo D, con-

* 8 ax. .

" haxar.

rucat #latera AB,A C, lateribus D E, .

F, alterum alieni,cui nempe eft2qua-
le. $ed congruens ctiam bales,idecogue
erunc zquales, cum enim pun&a B, & C,
cadantin E,& Fre&a B C,cadetinEF,
pam fi (upra, autinfra caderer,dug re@z
b (patium comprchenderent . Duorum
ergo riangulorum, &¢, Quod erat de-

-monftrandum. 124 concluds folens Theore-

mata. '
Propo. 5. Theore.

Yriangali ifsfcelie angwls ad bafim
Junt pares; & fi equalia latera pro-
slncancur,pares quoque ermmt Angsi=

Y snfra bafim, - -

!

~—— e et

—— g -

. B Intisn. |



LIBERL . 23
I N trianguloifofcele AB.C, A
latera A'B, A C, producan-

tur velubet,fumptadue ve- 3R\
. cunque te&ta A Dyzqualis dli X
acapiatur AR, iongaturg; re- as.

&x,C D.B B.Niic quiatridggulaAC D,
A BE.(ehabétiuxta prop.4. cltenim A
C,ipfi A B, zqualis ex fuppofitione, & A
D, ipfiA E, cxcooltru&tione, anguluf-
§ue A, lateribus illis contentus elP com.

/’

munis, Ob hzc §inquam bafes D C. & b+t

BB, funt pares,itemque angulus D, an-
gulo E, & angulus ACD, angulo
A BB, Rurfus triangula B C D, B C E,
fe habent inxta prop. 4. Sunt epim ans
guli D, & B, zquales & zqualibus la-
teribus comtenti; erunt igitur anguli
_infra bafim DB.C, BCE, zquales;
item§ueanguli BC D, EBC: & quia
totus angulus A C D, oftenf{us eft ¢qua-
lis toti A B E, ablatis paribus CRE, &
D CB, qui remanent fupra bafim. funt

¢ =zquales, Trianguli igituz ifofcelis, cax3.
&¢, ) -~ b
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BOE PP LG DIE Db |

Propo. 5. Theore.
3 trianguli duo anguli fuerine equa-
des, erunn & Laseva. angulss fub-
tenfu aqualia.

N triangulo ABC,i zquales A
sitanguli B,& A C B erut et. D,
jamlatera AB A C, [ubtenfa di- 7 ¢
Gis angulis, inter fe aqualia,
Nam fi negas ofle zqualia; fic alterum.

mgius, pyta’ A B; ex que auferatur re@ta

B D,ipfiA C, zquahs,ducaturgne reQa
D C. Nuac verd cum duo wiangula.
ABC,CBD, hiabcanclatus B C.com-
mane, & lazera B D, 4 C A, fint zqualia,
angulique contenri B,& A C B, 5 zqua.
les, ctit ¢ eriangulom D B C, arianguio
A B C,hoceft totam parti;aquale,quod

+ fierinon poteft.Si ergo trianguli,&c.

Cousreis bae propofitio priorsm partesm
Juperioris:nam ibiex aqualitatelateri 4B,

"€ AC, colligebatnr squalstas anguiori (u-

prab  BChic vere vice ver[a ex aqua-
lisate Aickorii angulorsm colligitur aquali-

Sas lnterum | Soles anters Enclides eas san-

$5m propofitionts conserters,cum ad proba-
. - tionsm

.‘
f
f



LIBER I a5

tionem [equentinm virague propofitio eff

\  adbibenda, boc off 1am consariens quany
‘conuerfa. v

Propo.7. Theore,

Snper veila linea dullis ad quoduds
punilum duabus vetss non ducen-
tur [uper cadem ad alind punctum
verfus eafdem pates duz aliz . fic

~ vt qua ab codem termine sncipiunt,
lins aquales. :

S Vper re@ta A B, du®is ad ¢ [, .
pun&tum C, duabus re@is &
A C, B C, ducantur fi fiers poreft &3
alizdu¢ A D,D B,ad aliud pan-
GumD,itave CA,ipliD A, (cumqua
habet cundem terminum A) & C D, iph
D B, zqualis fir,ducarnr§ue mfu(Pet e
&aCD; quiaigiturAC, A D, [unt e~
_ quales,crunt wanguiACD,AD C; in- 4 5,
» ter fe zquales; maior et proinde anga-
lus A D C, angiilo B C D, & muito ma-
ior angulus C%) B; nunc verd quiaC B,
ponitur ¢qualis ipf- D B , crit angulus
$C D B,angulo B C D, ¢qualis, quita- & ;5. -
- men ante erat oftenfus multo maior,
. - B oA

1

'



26 LIBER L
non ergo duit= funt bine equales prio-
£ibus, Quod fuit demonftzrandum.

Propo. 8. Theore.

Si duo triangiula due latera duobus la-
sevibus alscrum alrers aqualia ba-
buerint, &5 bafim bafi #qualem; ba-
bebunt etiam angulum  lateribus
contemtum aqualem.

] NtriangulisA BC,DEF, A D
fint latera A B, A C, ipfis <

DE, DF, altcrum alteri a-
qualia, item§; bafis B C, baft
EF.Quod finegasangulos A,& D, late-
tibus contentos pares effe, ingelligator
triangulum A B C,triangulo D E F, fu-
perponi, tencverdnecellarid punctum
Ajcadetin D, & fic angulus angulo con-
gruec ve vult propofitio: nam finon ca«
dercein D, {ed inG, aut alind pun&om.
tunc duz re@g duabus re@is zquales
duccrentur ad alind pun&um, &¢. quod
-¢ft contra precedentem . Eff conusrtens

Prime parsis propof, 4

. T

ECEF
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Propofitio 9. Proble.

Datwm angulum reclilinesm fecare
. bafariam.

X lateribus’ dati anguli A
B A C,fumatur rc@a AB, B/\¢

veluber& ipfipar A C,ncenon /'3
fuperduétam re@am B C, fiat
triangulum zquilaterum B D C, du.
caturque recta A D, per quam angulus
B A C, diuidetur bifariam : nam A B,
AG, wxqualcs funt eX conftru@ione, & '
AD, communis , eft que inluper bafis
BD, bafi C.D, =qualis, funtscrgoan. « 2.
guliB AD, C AD, zquales; quarean.
gulus B A C, dinifus eft bifariam,Quod
erat faciendum,

- Propo.1o. Proble.
_Datam rectam finitam [ecare bifa-
viam. o
Vper re@aA B, flactriangu- @
S lom 4 ¢quilaterum A BC,cu- A a1

ius angulus ACB, dividatur bi- ADB

fariaperre®@a CD, &re&ad B, :
; ’ Ba ’ inyul:



26 . LIBER L
.inpun&o D,bifariam quoquefe- o©
€ta erig; Nam wiangula CAD,

CB D, fe habent iuxta g.propo. 453
Bigo bafes AD, D B, {unt z-
quales. T

" Propo. u Proble.

Ex glnt} punctosn linearecla perpendi-
- cularem excitare,

N re@a B C, detur pun- A
&um D, fumamur(luc vt. .
- cunque zquales 1c&x DB, "3 o¢
P C; wndefuper BC, ftru&o
triangulozquilatero B C A; ex A, duca-
_turre&ta AD, & heceritad angulosre.
&osipliB C;Nam latus D B,zqualecft
- ipfi D C,ex conftructione, & latus D A,
communc, bafisinfuper B A, bafi CA,
at. zgalis ; funt 4 ergo anguli, ADB,
- AD G, zquales,ac proinde re&i, & ipla
§ s0def. A D,b,perpendicalaris, :

~

Pre- '
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* Propof. 12. Problem.

oA dato exsrareClam infinitam punGlo
perpendicularem ducere ad cil¥.
" dem vellam.

Etur pun&um A, quo -
¥ centro,(patio quocung;
duaatur circulus dummodo K578

fecet re@am B C, infinitam

: feu quantum opus erit produ@am , du-
&ifgue reftis A B;AC, re@a B C, diui-
darur g bifariamy in D, ducaturuere@a o 1o,

A D; & hzc egdem crit perpendiculacis
quafira. Nam quia in triangulis A BD,

AD C zqualesfuntA B b A C,zquales bdef 1.
item¢B D, D C, & A D communis,an- ¢ conff,
guliADB, 4 A D C, crunt zqualesac 4 3.
proinde redi; idtoque 1e@a A D, per-

pendicularis. <

Id

B3 Pro-
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_Propo. 13. Theorema.

RS fuper refdam confiftens aut duos
reios aut duobus rellss xquale:

angulos facts.

N Am re@a A B, confiftens £
fuper C D, aut facit v~ ¢ |
trimque zquales angulos, & » c x D ‘
pfoinde rectos; aue inzquales,

& tunc ex puncto B, excitetur § perpen-
dicularis B E, quia igitur in angulo
A B C, continebatur vnus re@usE BC,
&mfupcmngulus E B &, qui cam an.
gulo ABD, facitalterum ‘reftum, recta
AB .conftuuebat angulos ABCA B D
zqualese duobusrc&n

Propof' tio 14. Thcor.

Si ad punam in reBa linea datam
dugrece non ad eafdem partes du-
e mgula: ef ficiant dudbus relis
gquales , in dtrcé'him funt ille
buea.

Nam
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N Am fiad pun&um Bdu. 4 o

cantur duz re&tz CB, -,
B D, facicnies cum tetaA B, &3 5
. angulos xquales duobus re-
&is, & negasreQas C B, B D, iacerein
dire@um, iaceat ergo BE, in direGuyn
ipfiC B; eruntueanguliABC,ABE,
#quales daobus retis. At hoc eflenon
potefbnamanguli ABC, A B D, erant
pares duobus re@is : oG funt ergo pares_
duobus redtisanguli A BC, & ABE,
alias totum & pars eflent zqualia: fed
gczuc alia duci poteftiphi C B, iaceas -
in dire&um aifi B D; crgo, &¢.

Propo.15. Theore.
i dua velle [z innicem fecuevint an~ - _
gules ad verticem sppofitos 2qua
les facsent. :

‘) E&= AB.C D fecentlcin A 1y
E,critqueanglusC E B, D™ /

angulo A ED (qui dianunilli ¢ gy

efle ad yercicem oppofius) -

qualis: nam fiue A E D,fivc C E B.adij-

ciatur angulo inrerieito A E C, cenfti-

taer 4 @&quales duobus retis 5 quare 4 py,

anguliCE B, & A E-D, & funczquales. b ax.u

B4 Smie
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Similis demonftratio procedet in reli.

. quis oppofitis angulis ad verticem.

s 13

paxar

2128,

Propoﬁtio 16. 'If»hcdre..“

Omnie tiianguli quouss latcreprodule
externws angulus vrrolibetinterno -
" €5 oppofitomaior cfb.

V T in wiangelo ABC, A-
ptodu&tolatereB C,an- A\ D
golus internus A CB,cumex- B e
terne A C D, valetaduos re-
&os; idemautem internus A €B, cum
angulo B, non valetduosredos, alias
enim rete B A, CA, non & concutre-
rentin A, ergo extcraus A C D, maier
eftinterno & oppofito B. Deinde pro-
dutolarere A C, fimiliter monftrabicue
externum B C E, maiorem effe angulo
“A:atquiangulus A C D, ad verticem -
lis eft ¢ ipi B CE; ergo angulus
AC D, iplo ctiam A, eft maior, Omnis
igicur, &c.

Aliter, TriagnliAB C,
Jatere B C, produco in
D, latus A C bifecetur -
in B, ducaturque BF,ita § - €

vt BF, equalis fiac ipfi -
» BE,

\
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BE, iuh%a’tm(luc re®a F C, quéetit 2.
" qualis ip

E A, zqinlia funrduobus EF, BC, &
angult contenti gquales ad verticem;
Triangulacrgo AEB,F E C, (e habent
iuxta 4,prepo,& bafis F C,bafi A B, eft
zqualis, angulus item BAE, angulo
ECF; fed hic eft pars anguli cxterni
EC D,ideoque minor,quare & angulus
B A C,minor eftexterneACD,

Quod filatus B C,bifecctur 4
in E produ&to latete A Csin G, @en '
& teliqua fiant ve prius eodem ¥ &
modo monftrabitur angulum
BCG, &.proinde angulom A C D, qui

1'A'B: nam aduo latera EB, ,

eft huic ad verticem, maiorem eflean-

gulo ABC, Omaisigitur,&c,
Propofitior7. Theore. _

Ousioss srianguls dwo angali quomode:
cumaque fumpti minares [unt duebus
reflss .

W] Am fianguliB, XACB,- A
non effent minotes duobus A
re@isrez B A,CA,non con- ¢
currexentin A. 4
T By . Ali.

SN

& ax. 13,
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Aliter: Angulus C, internus

A
‘plus requiric quam aogulum B,
_vtfatzqualis duobus recrss te- BAC-

quirit  eaim angulum cxcer-

num C, majorem iaterno & oppofitos
B; lunt ergo ang L B,& C, intcrni duo-
bas rectis minoies, Similiter alio latere

- produ@o deal:js quibutuis duobus an-

gulis idem probabuur . Qmnis er~
go, &e. - - o

Propo.18. Thcorc. .-

Omuss svsangnli masus Lassu maiorems
_gngwinm fubsendss.

‘V T fitsianguli A B C,ma- A
iuseft latus A C, quam D
AB A

, maior erit angulus

A BC, quam angulus C,g(hb- r c
tenfus 2 laterc minore A B ; Sumatur
enim A P, zqualisipfi A B: Tuncverd
quia zqualia {untlatera A B,A D,anguli
ABD,AD B, (upra s balim funt pares,
Scdangulas A D B, eft externus & op-
pofitus angulo C, a¢ proinde é matos;
multo ergo maior eft, totus angilus
A B C, angulo C, Omais igitur trian-,
guali&e. ~ T T

Rio-

/



) T —

o

it

LIEER L 3%
FHIVEHEGRP ST E IR
Propo. 19. Theore.

Omnss trianguli masor .mgﬂlul num:
larers oppomstur.

I angulusB, maior fit iplo A

C, crit & latus A C, maius
quam A B,non cnimeft minus g4
aut zqualc nam :uncanguh.s ’

B, effer minor & avt aqualis 6ipfiC, eft « 12

ergo A C, mdior quam A B. Q_gteom-
nis trianguli,&¢,

Propo. z0. Theore.

Omnss trianguli dne lasers quomades

cuwgue fumpra, relsguo jm::

maiora-.

T intriangulo’ ABC, di.- »

colatera A B, B C, fimul ¥
fompta effc maiora iplo AC; g
producatur enim A B, fic vt

"~ BD, zquabs fic ipfi BC &ptomde‘

AD, #qualis fit wpfis A B, & B Cy
Be Nune:

bs.
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Nuncvero qua BD,&B C,funt b
@qualia; erunt pares sanguli D, g
& B C D; maior erge vitoque &3
erit totus angulus ACD; fed

torum huac angulum rianguli AD C,
fubtendit larus A D,maior ergo eft b ge-
@a A D, (qug zqualiseft duabus-A B, &
BC) quam latus A C, Omnis ergo
riangul), &ec.

Propo. 21 Thcorc.

i & terminse cunins laterss in trianga-
 lodue reéla insra sriangslumiun-
gantur,eruns by lareribus triauguls
minores, masorem uerd angulum
continebunt.

’V Tintiangulo ABC,di- A |

‘o latera ‘BA, A C, cfc &
maiora re@isB D, & D C, qua £23
intra triangulum iunguntur in
D. Nam produdto latere B.D, in E, la-
tera BD, D C, minora funt ipls B E,
E C; quandoquidem CE, E D, fimul
fumpta maiosa 4 fintlatere DC, & D B,
fit commune;candem§ue obcauflam la-
tera B E, EC, minota funt ipfis B A,

[N
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A C;lateracrgo B D, D C,multo mino-
rafuntipfis B A, A C. Secundo angulus
BD C, exteznos é maior elk interno & ¢ 16,
oppofite D E C,& hic maior ipfo A,in-
terno & oppofiro; multo ergo maior eft
angulus B D C, iplo angulo A, §i er-
ga, .-&‘, : . -

Propofitio 2. Proble.

Triangulum conflituere cuins, larera
tribus dasss liness fint aquali;opor-
res awtens duas quomodocunque
Sumptasreligua*cffe masores. © a2,

Earurtees rcé{iiz ’ )
/ A,B, C, &ipfis 4 -
fumantur o:dinepc- l h
-quales D E,EF,F G: CBX -
tum ccotro E, fpatie ED, ducarur -
circulus DH, & centro E, interuallo
F G,ducatur circulusalter G H iungan-
turquere@z EH, F H, & faumeft
nod proponitur . Nam in-ttiangulo o s5. dof
§H F,rc&a E Hy2qualis s eft ipfi D E, & conff.
boceftipfi A,E F,verd ipfi B,ag denique
FH,ipliF G hoceflipiC. = -

Pro-
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Propo. 23. Proble.

Ad dutum in reita m&mﬁ,hﬂ -
gulo agualem amgwinm reitili-
o '« BeNm poncre.

D Biur angolus A, coi g A
ad peaGum B, in re-

&4 B C, zquabsfic ponen- €H FDME
dus . Sumptis vicunquein

latcribus dattanguli pua&is D, & E,
ivngatur re@a D B, conftitnaturgue
triagulum B CF, 4 cuius laterafiot tri-
bus lateribus ipfivs A D B, ®qualia, ita
vtB C, parfitipfi A- D;B F,ipfiA E;CF,,
ipfiD E: -Quofacto tmangula fchabene
iuxta §.propo, QuareanguliA, & B, -
quales,. & fic fattum cit quod exas pro-
poficum, : '

Pro-

e ———

|
|
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Propo. 24. Theore.

S5 dwo triapgula due lasera wqnalia
alscrum alters babuerint & Unum
triangulum babess angulum lateo

" rsbus contentams masorem , sdem.
gwoque babebit bafim, baft alieripg

trianguls masorem.

EVTﬂlaxeraAB AC, o- D
: b xqualia fint lateri-
usDE, DF, &ang.lus
A,maior angulo EgDF, BCF E
maor quoque crit bafis 8 C, ba EF.
Nam fi fiat angulus G DF, ipfiA £qua-
lis,& latus D G.1pfi D E fit 2quale, 1un.,
ntur§ c re@x G E, GF. anguli 44 5
G B, D E G, pares erunt; quarc torus
F E G,maiorerit quam D G E, & multo
inaierquamF G E,quarcsc@abGF & b 19
huic zqualis B C, maior eft quam B F,
$iduo orgo wiangula, &e. ’

x

. -
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. Propofitio 2s. Theore.
i duo “trianguls ;luo‘bw latersbne J;u

* larera aqualia habucrint alterum
 alseri\bafim veri baff méserem,an-

. gulbvm etiam maioﬁhf oppefitum

“amasorem habebuns.

N Am £ paria fintlatera A D

ABAC,ipfisDE,DF, A A

& bafis BC, maiorbafi EF, ECER
angalus A, maior cric ipfo T
D, fienimaut zqualis effer, aurminor,
bafis ciiam E F,ipfi B C zqualis s effer,
aut b minor, comtra hypothefim. Si er.

. o, &e. . -

Propoﬁtio 26, 'Thcorc.

83 duo triangule dwes angules duobus
_angulss pares babnerint altersm al-
8671, €5 unum bacus rons laters «-

gsale , fue quod adiaces angulss #-

L L

|

(
|
\
!
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qualibus , fuc quod ums aqualinm
angulorum [wbtendstar , erunt &
reliqua latera alterwm alreri ggna-
lia, & religuus angulus reliquo g -
qualss . ‘

S Intintriagulis ABC, A g
D EF, anguli B, &-% .
ACB,zqualesangulis E,.& oo £
F, fint§; primolateraB C,

EF, ( que adiacent angulis zqualibus )

2qualia: iam fi latus B A, non cft cquale
iphi E D, fitillo maius, & ex ¢o fumarur

‘B G, xqualisipiED, tum vero dulta
" C G, dup lateratnangulorum BG C, &-

E DF, xqualia {out, & anguliconsenti
B, & E, zquales vnde & an uwli F, &
G C B, pares erunt; quodefic non po-
teft 5 nam hic aogulus.eft pars ipfius
A C B,qui zqualis poncbaturipfi F,non
eft ergo maior B-A,quam E D; fed ne-
que minor, alias lateri B D, eadem quae
prius applicarctur demonftratio; er
zqualis;& cuncuriangulaBAC,ED F,
fe habentiuxta ¢, prop. & lasetalateri-.
bus, anguli item angulis correfponden-
tibus (unt xquales.Sint fecundo, pofitis,
vt prius,angulis B.& A C BipisE,& F,
#qualibus,latera ED,B A, {ubtenfa an-
: gulis
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alis ¢qualibus ACB, A g

%) F E)gq_qualia;iam iBC, € Z_‘\ \
non cft zqualis ipf E F, fic gac £3
maior , fumatur§ue- B H,

gqualisipfi E F, duaquec A H, proba-
bitur triangula BAH, & ED.F, cfic
iuxta ¢. (funtbenimlatera B A, ED,
item BH, EF, ®qualia, & angulicon-
tenti #quales) quareangulum BH 4,
paremefleiph F, cui cidem zqualis eft ’

A C B; quod fieri nequit: namficangn-
lus A H B, zqualis effet iatcrno & op-
pofico A C H; noan cftergo B C, maios .
quam E F, (ed zqualis; quaze rarfus
triangula BAC, EDF, funt iuxta 4, |
propo.& carera fequuntur voprius,

“Propofitio 27, Theorte.
S5 in dwas re&_a)'“rcé‘h incidens 4}2;:4-

bos alternos paves fecerit,paraliel
‘ crung slia linca.

Q lat duwte@2 A B,C D;in :
WX quas cadac rets E F, fa- 4% BQ
ciens angnlos alietnos AR F, TfF D
E F D,zquales;parallcle ergo
eruncre&te A B C D; nanf fi concurre.
rent in G, & fierectriangolum E GF. ef- |
{ecanguluscxternus- A-E F, maiorasin. '
: N teLno |

l
i
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terno & oppofito EF G, cui poacbatur
#qualis. Eadé fiec demonftratio fi dica-
tur cScurfure ver{us A; neutram ergoin
partem concurrens,fed funt b paralkelz,

Propofitio 28. Theore.

7 in duas rel¥as reGla incidens angwe
- lum externum interno & oppofite

* ad eafdem partes aqualemfecerit,
. aut-duoy énternosad cafdempartes

aquales duobus retis, parallele fums

- ille lineg. .
N duasre@as AB,C D;in-- B _.
cidens E F,faciat primd an, &I B
.3 gulumextermmE G B, x. € W
qualéinterno GH D, & op-’ ¢ ¥
pofito ad eafd€ partes; quia espoangu.
lus E G B, ®qualis cft wangulo ad ver-
ticem A G H,eravangulialterniA G H,

-G H D, zquales; cum aquales fint vai

. tertio B G B:erpolincx A B.€ D,k lunt

. pardllciz. Facatf{ecundore@ta B B, an-

gulos BG H, D H G, internosad éal-

dem partes , mquales duobus redis;

quiaergo angulus E G B, cam angulo
B G H, valet duos ¢ rectos & cumeo-
dem B GH, angules G H D, indem
valer duos re&os, (equitur dangujum
: ‘ cxier-

bdef. 33,

s 1%

" ih. *

€13

& ax. 4.
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cxternum E G B, zqualem effe interno
G H D: quarc per priorem pariem hy-
iu‘s propo. re&® AB, C D, funt paral.
lelg. ’ . .

Propofitiozg. Theore.

Sireita in parallelas sncidar angnls

- snterni ad eafdem parses dusbus re-
&5 parigles erume , angulistem al-
ternssneer feaquales ;. ac denique
aingnlos exsernme interne €5 oppafite |

~  ery agmalts. -

T 6 in pﬁrallehs AB, -
CD, cadat reta EF, AG.»
primo anguli interni tam ver- €/ D

- fus A, quam ver{us B, pares c-

rant duobus re&is : nam fi verfus aleez-
utram partem cflent minores, linezex

# 4x.11, ea parte s produét® concurrerent, qua.

b ax.;.

- miyinter (e eflexquales. ..

-recontra hypothclim non cffent paral-
felx, SR
$ecando quia angulus DHG, tam |
-cum angulo H G B, quam cum angulo
CH G, valetduosrc&os, fequitur an-
gulos H G B, & C H G,qui (untalter-

Ter.|
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Testio cadem ratione quiaBG H, fi-
ué cum externo E G B, fine cum interno

G H D, - valet duos re@os, fequitur exe

ternum E G B, parem effe intern
G HD. Siergoreta, &e, . :

Propofitio3o. Theor.

ue cidem vecie funr parallele , &
> interf¢ funt paralicla.

Intre&z AB,CD,paral- 4 g/ n
lelzipi EF, inquasom- y 1/ o
#es cadat reéta G H. Quia cr-
g0 A B,E F,funt paraliclz,an. ¢/HD

gulialterni A G I, G1F, funt s ¢quales:

Sedangulus G 1 F, ¢qualis éft interno
& oppofito IH D, (cum E F, C D, po-
nantur etiam paallelz) funt ergo inter
fe¢.@quales angul AGH, G H D, 1e.
&qlcr_go‘G H,cadensinretas A B,C D,
facit angulos alternos 2quales,ideo§ue
re&gillz (untd parallelz.

- Pre-

s 29
b a9,

437
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Propofitio31. Proble.

- Per datnm punctum lincam dara relig

parallelem ducere.

Brur re@a A B, cmpcr o
pun&um C, du’ccnda fic. E._C
pataliela.” Ducatuwr ergo ve- 5
cumquead ream A B, refla AD
D C,&angulo C D B, conftituatur 4 -
quahs ECD, critue 1c&EC, 1p[i
A B, paralicla; nam anguli alterni

EC D, CD B, funtparcs.

ProPoﬁtio;z. Theore.

Orminss rriangals. o latere produdlo

- externus amgulus duobus internes
< oppqﬁm eﬁm]ualu, & tresin-
scrns duobus yoltss ﬁmt wquales,

T Rianguli A B C, produca.
tur larus quodcunque,pura
B Cin D, ducaturques C Eipfi AL

A B panallela. Quiacsgo A C B £

J
|

i
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caditin parallclas A B,E C, angulus B A, 4 29,

zqualis eftalterno A C E. Rurfus quia

reta B C,caditin caldem parallelas;an- - -

- gulus¢E CD, externus zqualiseft in-
terno B. Totus igitur A C D, ®qualis eft
duobus internis A, & B, & probata cft

" prior pars propofitionis. Nunc quia an-

ulus A CB, cum externo A C D valet
d duostedtos,idem A C B, cum duobus
A & B, valebitduos re@tos,cum A, & B,
oftenfi fint pares ipfi extezno ACD,
“Omnis igitur trianguli, &c.

Corollarium..

Hinc manifefum ebin omni qua-
drilatero guatusr fimnl angulos quas
taor retss effe aquales: namduitares
&laex une angulein oppofitum, qua-

dyilaterum dwidetur in duo rriangala

¢ 39.

413

qua fingula babent amgulos pares

Auobwe recles , anguli ergotetine qua-
Arilaters walent qnasior refos . Ve

appares infignra feg. prepo.,
Pro-

-
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Propo. 33. Theore.

Linex velle qug aquales G parallelas
ad eafdem parses sunguns , funt &
ipfa aquales & parallelz.

R E&as AB,C D, zquales & A
parallclas iungant ad ecaf. PIB
dem partes duz alix AC,BD, ¢
ducaturquereéta B C.Quiacrgo

re&a B C,angit parallelas A B,C D; an-
gulisalterni ABC, BCD, pates {anc.
Nunc vero quia latera AB, C D, funt
#qualia, & latus C B, eftcommunc,an.
gulique contenti AB C,BC D, unt -
quales,triangula A B C,B C D, funtiux.
ta 4. QuarcbafisAC, bafiBD, et =-
qualis (quaecit prior pars propofitionis)
& infuper angulus C B D, angulo
BC A, eritgqualis . Nuncergoquiain
duasre@as A C, B D, cadensre&a B C,
facitangulos CB D, B C A, alternos .
quales,parallele & funt A C,B D,

Pro-
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Propo. 34. Theore,

~

Parallelogrammerum [patiorsm oppo-
Sralasera & anguli funs agnalia;
spfague parallelogramma 3 diime-
tro Jecantur bifariam. ,

‘Aminparaliclogramo AD,
N dufla ﬂiamcttogB C, aguli AD

alternia ABC,BC D, (untpa- € D » 29
res, & rurfus 2quales funt anguli
CBD, BCA; quia crgo trjngula
ABC, BCD, habent duos angulos
pares, & latus B C, adiacens zquaiibus
angulis communc,reliquibanguliA, & b 246
D, {ant pares, & latera omnia, & anguli
corre(pondcmcs {funtzquales ;tota de~ .
nique triangulaczqualia funt, Quare ¢ «
parallclogrammum A D, bifariam {eca-
tur a diametro B C, Igitur parallelo-
gram, &¢.

C Pro-
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Propo. 35. Theore.

 Parallelogrammafuper cadem bafs, &

snesfdem parallelss constituta, in-

aer [ funt agualia.
(

Vpereadembafi A B,con- cpeyp
ituta fint duo parallelo. W

gramma AD, AF; fintque
AB, CFlincz parallelc.Con- AB
fiderentur deinde duo triangula CA E,
D BF, in quibus latus A C, qqualecit s
ipfi D', & CE, alteri DF: nam CD,
EF, ¢qualiab funtvni & cidem A B, &
addito communi DE, lincxCE, D F,
funt pares, $ed & angulus B D F,zqua-
liseftipfiC,cumin retasC A, D B, ca-
dat C F:luntergo triagula C A E,DBF:
fuxca 4,& vndique zqualia, Quare abla.
te communitriangulo D E G, trapezia
reli®a CDG A, FEGB, funtzqua-
lia; & addite commuoi triangulo A B G,
parallelogramma ABCD, ABEF,
funt paria.

-

Pro-
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Propo.zs. Theore.

Parallelogramma fuper gqualibus bafs-
b, & in eifdem parallelss confis-
tusaneer [e fint aqualia.

S Int parallelogiima AC, spyy
E G, inter parallelas A H, @
BG, fuper bafibus panbus ECEG
B C,F G,iunganturque rectg
B E, C H: quaz quiainogunt zquales &

arallelas B C, E H, funt & ipfg 4 zqua-
es,& parallelz: eft§ue E B C H, paral.
Jelogrammum & xquale ram ipli AC,
<um ficfuper cadem bafi B C, quam al-
teri E G, cum fit criam fuper cadem ba.-
fiE H. Suntergo & extrema parallelo-
gramma A C, E G, ¢ zqualia.

Propofitio 37. Theore,
Triangula (uper eadem baff & inter
parallelas cafdem pofita, funt gqua-

lia.

. 24

b 1

X R

=

Ca Sint
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,Slut ttiangula, A B C, EADYF I
D B C, fuper cadem ba. %—W

1i BC, inter parallelas B C, BC
E F, ducanturque reGz EB,
¥ C, paralicle ipfis AC, DB . Quia
ergo parallelograma EBCA,DBCF,
funt fupet cadem bafi B C, & inter cal-
s 35.  dem parallclas, s erunt 2qualia. Artsian-
b 14 gulum A B C,eft dimidiom & parallclo-
grammi E C; cumque triagulum DBC,
alterius paraliclogrammi B ¥, fit etiam
£ ax7.  dimidiG,erunttriangula ABC,¢DBC
.i;rcrfe xqualia, quod erat demoaftran,

um.,

Propofitio 38. Theore. t

Triangula fuper aqnalibus bafibus <o
in eifdem parallelss funt aqualia. |

T Riangula ABC, DEF, AGDH .
gnt coftituta vt proponi- \|" A
tur, ducanturguereGz C G, ?
FH.,ipfisAB, (ll) E, parallel¢; BCEF
cruntque paraliclogramma BG, E M,
iuxta 36, zquaﬁa; vnde horum dimidia, /
s 34  hocelt suiangula ABC, D EF, crune
¢qualia.

Pro:
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Propofitio39. Theore. :

e

Triangnla aqualia fuper eadem baff &
ad cafdem parres conftituta in eif -
dem funs parallels. -

N Amfitrizgula ABC, 4 ;
D B C, fupercadem |

bafiB C, coanftitua,fint -
ualia, & negas tamen re- yokc
amex A, per D, du@tamipfi B C, ef-
. fe parallelam; ducatur alia qua fit paral-
lela, puta A E, cui reéta B D, occurrat
inpuncto E: du@d ergoretd CE, erit
triangulum AB C, zquale atriangulo s 37.
E B C,quod fierinon poteft:nam trian-
gulum. D B C; =quale ponitur cidem
n’iar:Fulo A B C; ergo totum & pars vai
& cidem’effent #qualia: mon ergo cric
aliaquam A D, parallelaipfi B C,

(F 3 Pro- ’
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- Propo. 40. Theore.
Aqualiatriangula & adeafdem par-

e fuper aqualibus bafibus conflitn-

tafuntinter cafdem pavallelas.

N Am fi tiangula A pa ¥
ABC,P CE,pofi.

tafint ®qualia & fuper z-
qualibus bafibus BC, CE;
negestamenre@tam A D, ipl BE, effe
parailelam, it parallela A F.cui occurrat
CD,inpun&o F. Tunc vero du@AFE,
ttianguldl F C E,crita ¢qualeiph ABC,
cujeidem xzquale ponitur triangulum
D CE; crunt ergo pars &totum cidem
¢qualia,quodefle nequit. Bt hang manife-
Lfum eft effe conuerfam prope. 38.

ECE BCE

_Propo. 41, Theorema.

S$i parallelogrammum & triangulum

eandem’ habuerint bafim fintque in

sifdem parallelis , erst parallele-
grammum duplum trianguls. .
nt

———.

e ——
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G I panaliclogyimi ABCD, ADp
& triangulum E B C, fuper [
eadem bafi B C, & inter patalle-

~ lasAEBC; dacaturque A €. Bo

Quia csgo triangula ABC, s EBC, #3710

. funt zqualia,& A B C, eft dimidium pa-
rallelogrammi B. D, fequjrur eciam tria-
gulum E BC, ciufdem parallclogram-
miefle dimidiam, -

. Propo. 42. Proble.

Bate triangule aguale perallelsgram<
mum conflitucrein daso angulore-
éilinea .

Int datarn'igulﬁABC, GF A

& angulus D, bafique
BC, bifariam (eQXain E, du- = o
catur A E, agaturque 4 per B
Artcéta A G.1pfi B C, paralicla, moxad
E pun@um, facto angulo FEC, bipfi p .
D, zquali educaturcx C,recta C G, ip-
fiFE, parallela, Quia ergo triangu-~ -
la ABE, AEC, fuper ¢ zqualibus ,,
bafibgs BC, EC, funt mqualia; &

C4 trian.
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triangufum A EC, parallclo-. gy A
grammi fuper cadébafi EC, l |
d43.  conftrulid cft dimidium,fe- D@
goitur torum'trianguid ABC, CEER
efle zquale paraliclogramo E G. Dato
¢rgo triangulo xquale parallelogram-
g [% 0 zquale p 4 ‘
mum. conftittimus , habens angulun /

¥ E C,datg.angulo D, zqualcm.
, A |

Propo. 43. Theore.

Omnss paralielogrammi corum qua:
circa diametrum funt parallelo- '
grammorsm complementa funt in«

ser fe wqualia "

Irca diametri KN, p B X '

parallelogrami L D, . \
eonfiftant parallelogram- *,—7c ke

ma F M,EH, complemé- 0y,
ta vero quaz dicantue, finc
parallelogramma DG, G L, per quz
diameter K N, on tranfic; quiaigitus
diameter X N, diuidir bifarid tria paral.
#:+  Jogramma DL, FM, EH, & crunt ’
" triapgula KF G, G E N, zquiliatrian-
gulis KM G, G HN,[ed&tot2 KDN,
totitriangulo K L N, xquale eﬂ:cox‘n-
pie-
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plementaergo DG, G L, funtbetiam b 4x.s,
zqualia . Omnis ergo parallclogram.
mi, &c.

Propo. 44. Proble.

Ad detam reitam parallelogrammum
confistuere, datosriangulo aqualesin:
duso angulo rectilineo. ’

It data re®a A, A"~ DEN
triangulil B, & 2- r
gulus C;gEin: deinde éAxM 1a :
parallclogramit DG, ) _
s=zquale triangule B, habeatgue angu- & 4
lum B G F, angulo C, zqualem, Poft
h¢c produo latere FG, in H, ita ve
G H, fit zqualisre@z A, per H, agatur
L N,bparallclaipfi E G,& occurrensla- & 35
teri D E, in punéto N. Rurfus preduto.
latere D F, ducaturex N, diamerer per
. G,occurrensipfi D F,in K,duétague per
K, re@taK L, paralleli ipfi FH, latus. -
E G, producaturin M, Quo fa&to dico
paraliclegrammum G L, effc quod peti-
tur:nam quia complementa ‘?unt cqua- ¢ 14 .
lia, cum complementum 4G D, fit 2- dconff
quale triangulo B, etit ctiam G L, ei-
dem B, zquale; fed &angulus MG H,
wqualis citanguio F G E, oppofitosad ¢ 18
T € ez
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verticem,quare & ipfi C,erit gqualis;eft,
que re@ta G H, zqualis datzreQe A:
1gitur ad datam rectam &c,

Propof. 45. Problem.

Dato relilines aqnale parallelogram-
s mum conflisuere in daro angulere-

Ctilinea.

PN Tt darusangolusE, popp A

15 & re@ilocumAB *

D C, in quo du@ire@td [Dkw
A D,fat parallelogram- HIL Do
mum FI, s zquale triangulo ACD, in

" angulo H,qui ficiph E, zqualis: protra~

haturdeindetatus H1,& ad re@am G I,
in angulo GI L, ( quicft zqualisiph
H, & quare & ipfi E,) fiat parellclo-
grammii G L,zqualetriangulo AB D,
-etitquesotafigura F L, parallclograms

mum:reétgenim F H,K L,cidem¢ G 1,

ideo§ue ctiam imter fe 4 funr parallcle.
Erquiatota H L, cft vnica reQa cuivs
partibus partes linca F K, funt e paralle.

. lelz ipfactia FK, erit vaicareta(quod
- etiam probari poteft quia anguli H, &
- F GlitemqueanguliL, & KG I, f=-

quales fung; Sicut ergoanguli H, &L,
T valeng

———

e e ——
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- valent g duos re@os ita etiam angulig 2.
FGLK GI, ideoque FGK, cit b vni- j 1.
carcta) acproprereafigura FK LH,
cft paraliclogrammum xquilic dato ge-

_ ¢tilineo, ve pates.

Propofitio 46. Problc.

A duta recta linea quadrathm de-
Jeribere. .

Itdatareta AB, ad cuius ¢ p
extrema A & B gexcitentur E] arr
perpendicolares C A, D B, ipfi e
A B, zquales, iungaturgueres
&a CD, & conftitutum eft quadracum. -

. Cum enim anguli A & B, fint re@i, & ¢ a3,
erunt A C,D B, parallel, funtque etiam '
¢ zquales,quate C D, A B, funt quoque ¢ e,
parallclz & zquales ; arque ita tria relie
qualateraipfiA B, {unt zqualia,& figu.
facft parallclogramma cumque anguli
A &B; fintdieQiecrant ctiam oppo- 4 cnpt.
fitiC, & D,1e&i: quarcfigura A D, cft ¢ 34
quadratum,cx definit,2 7,

C¢  Pro-

— v
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Propofitio 47. Theore.

Ep reClangnls tviangulss t}mdi’dtum

-good latcre veCtum angulum fub-
sendente defcribitur, aguale eft duo-
bus fmul qua i larersh. rectum an-
gulum continenssbus. defcribuntsr,
quadratss. ‘

] N triangulo ABC, angn- G
lus B A C, re@us fit, fiane- F vy
"que luper g-lateribus AB, 3

AC,qradrata BG, CH. I 5y

" tem flat fuper latere B C, an-

gulum recti fubrendente quadratii BK,
quoddico ¢quale cffe duobus aliord fa.
terum quadratis fimul fumptis : dv@3
enim A E, paralleld ipfi B D, iungantur
etiam ¢tz A D » F C, Quo fa&o trian-
gela ABD.F BC. {untivxta 4: namla-
tera BD,B A, ipfis B C, B F, zqualia
funt, & angulicontenti FBC, ABD,
zquales, quandoquidem anguli FB A,
C B D, re@i fint & angulus ABC,
communis : triangula ergo AB D,
E B G, vt dixi, b fant zqualia : fed
’ txian:

|
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triangelum A B D, eft dimidium ¢ paral. ¢ 44:
. lelogrammi B E, cum fit {uper eaderm

bafi BD, interparallclas BD, AE, &
eafdem ob caufasttiangulum F B C, eft
dimidium quadrati B G; quadratum er-
go B G, aquzle eft paraliclogrammo-
E, cum corum dimidia fint paria.
Quod fifimiliter pun&a BI, A K.du&tis
Hoeis iungantur,cadem planc methodo
probabitur parallelogrammum EC,
quadrato C H, c¢fle zquale, Totumigi-
rur quadratum B K, reliquis duobus x-
qualeeft. In reQangulisigitur &¢,

Propo. 48. Theore.

84 ghadratum ab no svianguls lasere

defcriptam agquale eff duobus veli-
quorsm lateram quadyasis,angwlus
quem veliqua lasera consinent off
a‘eé?uf . e .

I N triangulo ABC, fitlatus [

A C, huiu{modi, vt eius qua- »
dratum zquale fit quadratis ~
duorum reliquorum laterum
A B,BC; dico angulum A B C, .con-
teatum ij{dem lateribus cffe reGum.
S R S Nam

~
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Nam fi ducaturex B, ipfi AB, g
perpendicularis B D, ipfi B C, K-
equalis,iungaturque re@a A D, -
tunc quiaangulus A B D, reétus

cft, eric quadratum ipfius A D, aquale

-quadratis sre@atam A B, & BD, vel

B C;cumque quadratumipfius A C,quae
dratis earundem A B, B C, ponatur z-
quale,crunt lineg A C, A D, zqualesin-
ter (e, Quiaergo duortriangula A B C,
A B D,habent tria latera b ®qualia, (unt
ctiamanguli omnes zquales quifibi refc
pendent:vnde quia angulus A B D, re-
&us cft,retus eriam erit A B C; fiergo
quadratum &c. Eff conmer(s pracedensis,
ot futis patet.,

EVCLI-

S N,
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EVCLIDIS
Elementorum

LIBER 1L

Definitiones.
s 4 Arallelogrammum re@3-
; ulum contincri dicitue
Al fab duabus lineis qua re~

=23} Gumangulum cSprehen-
dunt.
T paralelogri- ,
mii vectagulum A B
A B D C,carinetur fub 4 24 ‘l
veilis 4 fo P Ll
B, AC,conts ¢ G »

Bentibus angulum re-
éum A. Item [ub rectis A B,B D, ghec. un-
defi intelligatur lasus A C, duci intotum
atus A B, psyagratuy teta quantisas dati ve-
Eanguli. Arquehinc etimm manauit illalo -
guendi formula in Avithmeticis guadicimus
wnum numersm Auciin alium, [in multipli-
cavipey alium; fi enims latus 4 C, [it 4 podi,
& 4 B, fex pedii ducende 4 in 6 inneninty
nron duts vedAguli pedum quARTAS Mo « 4.
oo - T ala
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2. In omni parallclogrammo fpatio
vnum quodlibet eorum quz cirea dia.
metrum funt parallclogrammorum cum
duobus complementis Gnomoa voce-
tur,

VTinpﬂeIIelagrimo C,'E B
A B, paralldogri. By X

i L Mcii duobus ciple- T D M
mentis E M, L F vocatur 1 D
Gromon. It pan;llelagr&'- &

mii FE,cum duobus if[dems complemitis off
gnomep . Solst autems gnomon Aefignari li-
BeA curun qua tranfit pey complementa e
parallelogramum intermediiiqualis ¢ HIK,
Nomen Gnomon aflumptii effe videtue
ab inftrumento fabrili quod Normam
aut angulumTe&ii dicimus ; gallicé vne
Efguarre, hzcenim figura, puta HIK,
applicatur inftar illius inftrument pa-
sallelogrammo F E.

- Propofitiones.
Propo.1. Theore.

Sifuerint due reffequarum altera fe~
erur in QUICHBAUE [cgmenta, re-
' éan-

—— e
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Eangulum fub duabus ills reCtss
‘conscntum «quale erit omnibus f-
mul reClangulis,qua fub infeFa

. pareshus lineafelte continensur.

S‘Vbrc&isA BACcS. AETFT B
tineatur reétangulum

A D,re@ique A B, vtcun. L
que diuisi?n E & F,ducan- CaHR D
tur FH, & E G, ipfi BD, parallele; e-
runique A G, E H, F D, reQangula; 0
angulus E G H, ipli C, b eft zqualis, &
omnes alios facile elt oftendcte alicui
re€to effe zquales , Manifeltum eft iz
reQangulapartialia AG, EH, FD,fi-
mul {umpta toti re&angulo A D effe
xqualia:nam « omnes partes fimul (um-
pr& toti funt @quales. Et hoc tantum
vultpropofitio. Nam AB, AC, funt
duz re@z;quarum A B, fctta eft vicun-
quein E, & F: oftenfum cft aurem re-
¢tangulum A D, ipfis AB, AC, con-
tentum;, zquale efle reGtangulis partia-
. libus quz continentur fubinfe&a A C,
. & parubus linca fe&z A B: retangu-
lum enim A G, continctur {ub in(c@a

AC, & parte AE; re@angulum vero-

E H, contincturfub B G, boc eft {ub
infc@ta A C, & fub patte G H, & ficde
. cxte.

b 291

& 12.4%
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<zteris, Si ergo faerine, &c.

dem videre eft in numeria . Si enim den-
tur duo numeri 4 & 10,5 alter eovum prs.
Bax0 Aindatur in quetuispartes g, 3, 2, ex
Auitu fen multiplicatione ipfine 4 in ommes
PArtes 5,2, 1, fient 40. ficut ex multiplica-
Sione eiufierns 4 intotum sumeyum 1 o, .

Propofitio 2. Theore.

Siretka[elta fit wteumque 2 reClan<

- gwlafubtota &5 quolibet ftgmento-
rum comprebenfa , aqualia fuus cs,
qwod & 1osafit,quadrato.

E@angulum A B, fitqua.
- R dra:ung; re@z A C, re&a- Ad':j:

gue A C, vicumque divisiin
E, ducatur EF, ipfi CB, pa- PFB
-rallela , & manifcffom eft, ve prius, s re-
Qangula partialia A F, E B, fimul{um-
p'a,toti A B, efle zqualia. Neque aliud
vult propofitio. Nam reta A C, vecun-
que{ecta cltin E;reGtangulaautem A F,

E B, contentalub AD, BF, (hoceft

fubtora A C) & fub partibus AE, E C,
zqualia (unt quadrato rotius A C, quod
cft A B. Sicrgo roQa &c.

In wu-~
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I8 numseris: fi 10 Risidutorin Aus partes
7 & 3,Aucendo10in 7,6 in 3, fisnt 70
30, quafimul agualia funt numero quadya-

‘toipfimus 1o guieft 100:Ascimus enimnume-

vum quadrarum qui fit ex dultu cwinfuis
nameriinfeipfum 5 vt decies decem funt no=
MITUS QUARYAIUS Centnm, ,

~ Propo. 3. Theore.

Sirela [elu fit cuscangise , reBangs
“ lwm fubrota & uno [egmentorsms
“comprebenfum equale ¢ftilli quod
Jubfegmentss comprebendstur  re-
&angulo unacum quadyatesqued &
predico fegmento deferibitur.

R Eca AR, viconquefe- A CE
ceturin C, lique A B,

uadratum fegmenti A C,
rqc&angulumvcgroAD.con- EBD
tincater fubtota AE, & ub AF, hec
eft [ub xquali A.C; & manifeftumcft
vt prius rectangula A B, CD, fimul
fumta , toti AD, efle ®zqualia, Ne-
que aliud vule hzc propofitio.

. Nam
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Namre&a A E,vicunquefe. A cE
Qaeltin C, &re&angulum ED
AD, fubtota AE, & AF, FB D
hoc eft fub parte A C,2qua- E
leeftipfi A B, quadrato partis A C, vna
cum rectangalo C D, quod continetur
fub CB, ( hoceft fubparteA C, ) & fub

" reliqua parce C E.Siergoreta &,

. Innsmeris fi 6 Ainidatut in 4 ¢ 2, pro-
-Autumgex 6in 4 boc eft 34, aquale eft ¢i
sdfitex 4 in 2, hoceft 8, una cum qua-

Arato ipfius ¢ quod ¢il 16,

~ Propofitio4. Theor.

- Ssreduafelafr wicnngue,qnadratum
quod & tota defcribatur aguale off

- fegmentorum quadrases , vna cum

* relEangulo quod bus [ub fegmen:sse

consinetuy .,

E&Qangulum AB, fic A p @
quadracidipfius A C; H 7
du@ique diametro D C, t
agatur EF, ipfi C B,paral- p 55
lela, fecans diamerrum vt-
cunque in G, {pcr quod idem pun&um
agatur HI,ipfi A C, parellela: & mani-
S eftum

ol

/
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feftum eft ve prius quadratum AB,to-
tius A C, clfe zqualc omnibus fimul re-
@angubs intra fe deferipris.Neque aliud
vule propofitio.Nam recta A C,{eGaclt
vicunque in E, & cius quadratum A B,
& quale eftipfis HF, E I,(qua funt qua-
drata fegmentosum A E, R C)fimul qum
rectangulis A G, G B, qua{unt rectan-
gulom bis comprehenfum fub partibus
A E, E C:rettangulumenim A G, con-

tinetur fub AE, E G, hoceftfub AE,

E C,&re&angulum G B,continetur fub

. GF,G1, hoceftfubAE, EC; re@an-

gula enim HF, EI, funt quadrata
partium A E, E C, quod ( etfiex 33.1.

fatis poterat intclh'lgli ) ficdemonftro,

Quiaretz AE, GH, DF, iungunt pa-
rallelas zquales, funts & iplz inter (e
squales.Jrem fiab zqualibus A C, BC,
auferantur zquales B C, I C, querema-
nétA B, BT, & que huic pares {unt G F,
H D, omacsinter (¢ erunt zquales.om-
ania i%itut latera paraliclogrammi H F,
gqualia funt parti A B, funt§uecomnes
angulire@ti;nam quia H D F, reus cft
&rectus etiam GF D ( cum fic ¢qualis

PETAEA

ipfiB} etiam b oppofitireliquicruntre. § 341

&iBftergo HF, quadratumipfius A E.
Similiterque ofteadetur EI, effe ¢

dratam parstis EC. Et fic demonftrata’

eft tota propofitio.
In nu-
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I numeris: Si  diuidaturin 403, qua-
Aratum ipfiss 6 quod eft 36 aqualecfl qna-
Aratis partium 4 & 2 hoceff 16 & 4, vna
c5m uumero 8 bisvepetite qui fis ex parsibus
2 & 4 inter femultiplicatis,

Propofitio 5. Theor.

Siveclafecesur in aqualia & no qna-
GacreGangulum fubingqualibus fc-
gmentss totius comprebenfum, una
cum quadrato fegmenti intermedij,
pquale eft ci,quod 3 dimidia defers-
bituryquadrato.

EQaAB,bifiz A C DB

riam in C, & N,
pon bifatiam in D, M| @ H
diuidatur;& fuperdi. ¥ K“E

midia C B, fiat qua-

dratum C E, du@aquediametro ¥ B, a.

-Fatnr ‘ch D, re®a D K, ipfi BE, paral.

ela, fe

pun@um agatur L H,ipfi A B, parallcla,

& adiungatur reta AL, ipfi BH, pa-

allela . Quo falo erit.re@angulum

AG, fub inzqualibus fegmentis AD,
s

cans diametrum in G, pet ?uod N
a

-1
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DB, hoc cft D G, contentum, vna
cum M K, quadrato medij {cgmen.
ti C D, xquale quadrato dimidiz C B,
quod cft C E. Namre@angulum’A M,
zquale eftipli D B, cum verumque ip-
fi C H, fic zquale; (A M,quidé exconft,
D E autem per 36.1.)czteraautem nimi-
rum C G,& M K,funt communia. Qua-

re fire@a &¢,

In nsmaeris: Disidatur numerus 10 equali-
serin § g inequalitering ¢ 3;ita vt ny-
mierus medins inter feitiones it 25 quo di-
midins numerus fupevat pavtem minorem ex
ivaqualibas : quacfts. ervitg; numerus 2.1 ex
7 i1 3 'vna ckm quadrato numeri intermedsy
2 quod ef 4,4qunle quadraso dimsidij 5,hoc
oft nusmero 3 5.

Corollarium..

Ex his manifeflum off gnomonem N O P,
soviveBangulo A G, efic aqualem ; quandeo-
gquidim CG, fis commune .G DE relique
reddangulo A M, isaquale.

Pro-




£ 46,1,

b s6.1.
- 4&
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Propofitio 6. Theor.
Sirela bifariam fecetur eique in res

Clum quadam relaadyciatur, erit
reciangulum fub tota cam adie(ia,

& fub adiellacontentum,una com |

gwadrato dimidia,aquale ei,quod &
dinvidia cm parse adicGa fit, qua-
drato . \

R E&a A B,bifariam A_©o B D

_ {ecetur in Ceigue [ AL
in reftum adijeiaturve- KL [H
cunque B D: inde fuper EGE

reta CD; farquadra-
tum 4 CF,& per B,aganr B G, pararella
ipfi D F, fumptique D H, zgﬁali ipi
D B, agawur per H, re@a H K/1pfi A D,
paralicla & ®qualis, iungaturque rea
AK: quofatto demonftratur propofi-
tio.Namquiare@angulaAL,C M, {got
®qualia propter b zquales bafes, &ci-
dem C M, zquale cft alterum comple-

¢ e 1. mentwmeMF, ericetiam M F, zquale

d ax.g,

4 1pli AL, Xadditis communibus C M,
BH,

L4 ——
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B H, gnomon N O P, Zqualisficttoii
. setangulo A H, [ quod fané reétangu-
 lum contmetur {ub rota compefita AD,
‘& (ub D H, hoceft (ub partcsadicita ¢ rif.
D B)fedgnomon N O P, adic&o L Gy
zudrato partis dimidiz C B, vt fuprain -
mili f oftendimusfit 2qualis quadrato f 5 2
ipfius C D,qua eft pars dimidia cum ad-
icta BD. Igitur parallelogrammum
" A H,adicQo codgmquadrato LG, fiet
g xquoale cidem ‘quadrato CF, quod g13.ex
| eratprobandum, ’
In numeris: [i 6 dinidatur aqualiterin 3
" 3.cique addasar 2; nimerss 16 { qui fi
4 1010 6 cum wdie o nipfim adieSum) una
esum quadrato Aimidij , quod eff 9 aqualis oft
quadratoipfius §.quiquiden numerws § o
| ponitur 4x dimikio 3 O adicdte 2.

. Propofitio7. "Fheor.
85 vella utcungue fecétur s guadrata
tosius & wsrinfuis fegments fimul
Sumpta, - paria fun: reElangule bis
Jumpto fubtota & dicko fign:crite,
 una camadiuntlo altersus fegmen-
-3 quadrato. '

4

D / Reéta
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E&a AB, c&a fit vi- A ¢
4 cunque in C, & fuper
A B, fiar quadrat@ A B, fum-
prafue B M, zquali ipfi P 2ll1C
B C, ducantur C L, M K, ip- i
fis B E, AB parallele: produto deinde
L F, zqualiipfi C B, addatur quadratum
L G, Eront igitur. vt pater, quadratum

. g
B

_ totius A B, quod cft A E, {imul cum
. quadrato fegmenti C B, quod et LG, -
- xqualiagretangulis AM, M F, (quz

bis fumpntur fub tota A B, & fegmcnto
BC, cum BM, firipfi B C, zqualis, &
in re@angalo M F, zqualialaterafint
MG, GF, ipfis AB, BC) vnacum

* quadrato alterius fegmenti AC, quod

et KL, $iigitar recta &e.
In numeris : [i 6 vtewmque Ainilatur in 4

& 2. quadratum totisu 6 vna cum quadra~

soipfises 4.eqnalia fume numero « 2,qui fit ex
numero 6 bisin 4,una cum quavaso alseriss

partic 2 quod eft 4.

. Propofitio8. Theore.

85 rellafecernr cotcungme , reSanguli
, quater comprehenfum [ub tota &
UM [egmEsornm, Una cnm alicrine
s " parsa

-,
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_ pariss quadrato aqualia fint qua-
" drato qued fir 3 tota & fegmento,
-ranquam &b vnalines.
E&a AB, vtcun- A CB D
que feceturin C, 1 K
cuiadijciatur in reétom o= M
lictaBD, ipfi BC,¢- | .
qualis , ac fuper tota ==y
A B, & adivn&o feg- E 'd G E .
snento B D, fiat tanquam fuper vna

- linca qoradratum A F,ducanturque B G,

CH, 1K, LM, lateribus quadratiA F,
parallclz.ficvt DK, K M, ipfis R D,

B G, fint gquales,Eruntcrgo ingnomo. .

ne OR Q, sctanguls quateor cone
tentafub re@is AB, & BC. Nam cit-
ca R conflitura font quadraia quatuor,
quorum latera omnia ipfi B C, fuat 2-
qualia; fi igitur voicuique exquatuor
complemenus A §, & fimilibus,adijcia-

tur fuum quadratum, inueniétur ip gno.

mene O R Q, quatuor vt dixi rectan-
gula zqualiaipfi AR, quod continetue
fub A B, BR,hoceft B C.Eft verc gno-

' .moa O R Q.(cu quatnor re&angula fub

B S

tota A B, & fegmento B C, cum adiiito
E'N, quadrato alterios partis AC, s 2-
qualis quadrato A F, quodfitfuper A D.
vi patet. Siigiturré&a &c.

: - Ds 19 xn-

T S
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_ qualitezin D; fiper quam

-
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Insumeris fi 6 vicunque fecesur in 4.Cn
2 ducendo qunter numerum 6 in 4 ¢ aiddé-

doquadratumipfius 3, fiet numerws equa-"
Uis quadrmoipfius 1o qui numierss compe= .
- Wit 0x10t0 6 Cr pAYLE 4. .

- Pfdpq.\é. Thcdrq; R

'S recla fecetsr per #qualia & non -

qualic, quadratapartivm inaqua-
linm dupla funt quadratorum «b
- wnedinndio, & abealincaquefe-
&Elionibus intergjciear,defcriptorum..

E&aA B, feceurz- -~ »
qualiter in G; inz~ R

ad C, erigatur C E, per- A DB
pendiculatis, & ipiCA,velCB, xqua-
lis,ducanturque A E, E B, itemque D F,
ipli CE, &N]F G, ipfi CD, parallela,ac
denique tungatur re@a A F. lam vero
quiaintriangulo A CE,latera CA,CE,
@qualia funt;angulis CAE,AEC, pa.
res erunczeftautem angulas E C A, re-

“&us:duo ergo alij funt femire&i. Simi-

literque in triangulo ECB; anguli
‘C BE,BEC, femire&i {unt;totusergo

aongu- .
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aggulus A E B, reGuseft. Cumquein
triangalo E G F,angulus G rectus fit &
G EF, (emire@us, arit etiam “angulus
G F E, femireQus, Quare latera GE,

GF, b zquales angules fubtendentia, b «.r.

funt zqualia . Bqualis etiam viriqs ¢ eft ¢ 05

re@a CD, com €F, fitparallelegram-
mum: Quarefi abzqualibus C'E, CB,

" auleritur £qualia GE, CD,re@aCG,

hoceft D F,ipfi D B, erit zqualis. |
 His intelle&is fic breuiter colligitue
propofitio. Quadrata partium inzqua-

lium A D, & DF, fiurD B, dgquivalent 4 ¢7.x.

quadrato ipfius A F, & hocquadratum
ex AF, zquivalce ijs quz Quntab A E,
E F:Scd harum quadrara dupla {unt qua.
dradsre&arum A C. dimidie, & CD,
partis feGionibus interieét; cum enmm

" AC, CEB, fint pares, & AE, detqua-

dratum viriu[que quadratis zquale,¢fi-
cict duplum quadcatoiplius AC; fii-
literque E F, dabit duplum quadratiip~
fius G F, (cu C D, Quare quadratum ip.
fins A F, & partisminaqualium A D, &
D ¥, hoc cft ipfius D B, duplum funt
quadratorumex A €, C D; partis {cili-
cet dimidiz-&lincz (eGionibus iuterie-
&z.Siigirredta&e.

J .
Dy In.nur

~
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15 numoris : Numerus 310 dinidatur.a-
gunliterin & g, inaquilisti in 7 ¢ 3, foe-

" - queintermedia (eckio 2, vt propofitione quin:

28.QUaRYAIAEIE0 49 (9 pATIiNM inLqua~
bium 7 & 3 [umt Auplisra,quadratorum pats
tis dimidic § & fectionis intermedic 2.

P;opo. 10. Theore.

83 rela fecetur bifariam @ in relum

- alia adsjciatur, guadratsm guod s
" 2 tota cum adiella 5 fimul cumeo
guod fis 3 fola adinnClay dupl# funt
qaadi}ﬂi guod fit 3 dimidia, G5 al-

V  terise qusd Adimidis & adiunila

deferibisar .

E&a A B, bifaciam fe. FE
% cctusin C, adie®a ve- >
cunque B D, cuiad C eriga- A @
tur perpendicularis CF, di-
midiz A C, #qualis, perficiatur§; paral-
lelogrammi F D, du&aque F B, occur-

raglateri E D, productoin G, ivngan-
turque AG, AF, eritque angulus o

A F B, conftans duobus [emite&is,vrin

" fimili oftenfum et prop. 9. Quare & an-

golus F B C, femitc@us elt:fcmire@us
R N & quo.

--
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b quoque D B G, oppofitus ad verticem, b 15.5.
" quare & D G B, femiretus erit,& latera °

¢B D, D G,zqualia, £qualiaitem erunt ¢ 6.1

latera EG, A F B, quizanguliFGR.EFG, 4 471
. -funt femire&i His pofitis quadratam ex

A¥, erit duplom quadrati dimidiz A C,

& cumrc&x E G,F B, often(e fint @-

quales,erit quadratum ex G F, duplum

quadratiex EF, hocceftex dimidiaC B,

cum- adian&@a BD. Sed & ipfius A G,

Kﬂ:dmum 2quinalet quadratis duarum.

F, FG; & quadratum extota A B,sum
adivnéta BD, vna cum quadratoex” « -
D G, feaadiun&a B D, zquivalet qua-
drato ex A G, Quare hatum lineasum
A B, B D, quadrata duplum quoque fune
quadratorumcx A'C, & CD,quod erat
demoaftrandum, - ;

- Inwwmeris: Disidatur 6 aqaaliterin3 ¢
" 3.eique addatur 3 vt it numerms compofi -
tus 8; quadrata igituy ipfiss 8 & adiedti .
duplum funs quadratorum dimidij 3, ¢ me=
oxeri § gui conftas ex dimidio ¢p adiedte, |

D | : PI'O-_ .
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FREREETTEr T ey s
.. Propo.1r. Proble.. -

Batam relamita fecave vt relFangu-

Y lum fub tosa & altero fegmetorum,

 aquale fit quadraso quod fir & rels-

AN
’ qua partes . :
A} - .
Tc datare@a A B,itafe-  B_C°
canda ve re@angolum HOA
s fubtota&legmentoaltero, - 5

®quale fic quadrato partis
alterius, Fiat igicur (uper A B, quadra-
tum A C, divifoquc Jatere A D, bifariam
in E, ducatur E B, ¢tuimqualis fiat EIl,
latere D A, produé&o : fiat infuper qua-
dratum fuper A I, quod fic G I, produ-
o latere H G, in F:eritquere®aA B,
diui(a vt opottuit;iquidem re@angulum
C G, f{ub tora C 8, {eu A B,& (egmento
B, G, zquale eft quadrato G L quodfita
fegmento altero GA: quiacnim DA,
- fe@a eft bifariam in B, ciquein redtum -
s 6  addita eft Al eric reGangulum « fub.
’ L Al hoceftiplum D H, vnacum
' quadrato dimidiz EA,zquale quadrato
~& 471 ipAWsEI, (cn E B, Eft vero quadraium
ipfius .E B, b ®quale quadratisipfarum

t

>

——
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A B;A E: Vnde re&angulum FH, cum

- Euad_tato ex A E,erit ctiam 2qualequa-

S

e
|

ratis carundemn. A B, & A E. Ablavo
igitur communi. quadrato ipfius AE,
erit tc&angulum D H, =zquale quadrato
ipfius A B, quod eft A BCD: & rurlus
ablato 3b hoc quadraro & reftangulo
D H, communitetangulo A F, reétan-

ulum C G, relitum ex quadrato,¢qua.’
e erit quadrato G I, quod reliquum cft
exretangulo. Datamigitur redtamita
fecuimus ve retangulum C Gy {ubtota
A B, &altero fegmento B G, quadraro
partis alterius G A, fit zqualc. quod
ctai faciendum, ,

Propo. 12. ‘Thcorc.'

In triangule obtufangulo quadyatum
laseris angulum obeufum [ubtendern-
105 tanto masus cft quadrassh late-
rum cyndem angulum contsnctinm,
guantum eff rectangulum bes com-
prebenfumfub alscrutro lasere con-
tinense ( fubillo nempe in quodyc#
- fucrit produtinm, placuerss perpen-

 dicnlarem ex sppafivo angulo de-

Ds mi



s
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“ta B-C, ex A demittatur A D,
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misttere & [ub lincaexerinfecus «f~

~ Jumpta ad cwins extremum cudss

spfa perpendicnlarss.

IN triasngulo ABC, ange. . 4‘(

A'lus A C B, fit obtufus,pro-
ductoguealrerutro latere, pu-  §£L5,
perpendicalaris ipfi B C, cadens im D:
Dico igitur qoadratum lateris A B, ob-
‘tufo angulo fubtenfi ranto effc maius
‘quadrats laterum contineatium B C,
C A, quantum ¢ft re@angulum bis ¢5-

préhenfum (ub B C, &re®a CD, ex-

trinfecus (impta, ad cuius extremuw ex
acuto angulo A cadic perpendiéularis
A D, Quacenimre&a B D, fe&aeft ve-
cunquein C, erit 4 quadratum ¢x B D,
&zquale quadratisex BC,CD, &ialu-

" perre@angulobisfub BC, CD, com.

preheafe: additoque virifque quadrato
rete A D, crunt quadrata ipfatum

B D, DA, zqualia quadratis tumre-
‘@aram B C, C D, D A, vhacum addito

rectangulo bis fub B C, C D, conten-
to.$¢d quadratii rectx A B, 6 zquinaler

guadratis re@aram A D, DB, Igitor.

idem quadratum retz A B, aquivalet
ctiam cribus quadratis re@arum BC,
bk - \ G,

¢ ]
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o CD, DA, & re@angulo bis fub B C,

C D, centento. l1am yvero quia quadra-

tum re&tzx A C, zquale cft quadratis ip-

fatum C D, D A, eritquadratumré&ta

- AB, zquale quadratis tc@aram” C B,

€A, & te@angula bis contento fub

{ ?, C D. Innasguloigitus obtufana
ule &e.

Propofitio 1. Theore.

In triangulse acwtangulis quadraswm
ln:mf acnto m‘fl’: fabqt’::;tmu )
minus ¢t quadrasss laserum conti-
mentinm eundem angwinm , quara

" tum off veclangmlum bss compre-

- benfum fubcune laterum consinen<

. 8Um s fub affumptainserise lsnca

- prope acatum ungnlnm ad cwine cx=
sremum-cadit perpendsenlarss ab
&ppefiroangulo ducla,

Dé  Inuiseg

+
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3 .
- INtriangulo ABC, fitan- 4

gulus acutus C, & exatio
quociag; angulo,putacz A -
. ducaturre®a A D, Perpcndi: Bbo

. - eularis ipfiB C. Dico igitur quadratum:

“aT

R,

ipfius A B, angulum C, (usbtendentis,
tanto minus effe quadravisex BC, CA:
quantum cft re@angulum kb B C,D C,
.bis contentum, Quia enim're&a BC,
vicunque {c&a cit in D, quadratacx
BC, CD, paria funt reGangnio bis

fub B C, CD, vna cum & quadratoex . |

BD, fed duobus quadratis re&arum

b47.r. €D, DA,pareftbquadratumex CA:

L 470

—

duo igitur quadrata ex BC, C A, pana

Funr etia re@angulo bis edprehenfo fub -

B D, D C, &quadratgex B D, fam ve-
ro quia quadratis cx B D, D-A, zquae
¢ltcquod fit ¢x A B; erant quadraracx
BC, C A, @qualia retangulo bis con-
‘tento (ub B C, D'C, & quadratoreCiz
B Qﬂatc quadratum ex A8, ‘tanto
minus el quadratis cx B-€; C A, quan-
" dumclt reGangulumbisfub B-D, DG,
“¢ontencum, la wriangulis igitur &c,

Pro-

[Sa— )

A

a~
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5 IP‘fopc‘)ﬁ-tio 14. Proble. °

+ PatoreiHilineo aquale quadiasum de--
e foribere.
e

N\
~

C Ilrdatum redti- - o
mmeum A, cui 2 A

~ fiar & xquale B(ﬁ[b_é . 48R
paralielogrammii L.'-_: ¥ ' ‘
BE; inquofilate’ o, B '
ra BC,CE, (unrzqualia, ipfum eric
quadratum quale petebatur. Quod fila-
teramon {untzquakia,corum alterutrom
pura BC, producaturin F, itavi CF,
v, 1pfi C B, zqualis {it, fe@iquebifariam
‘ 1e&d B'F,m G, centro G, (pasio G B,

fiat femicirculus B H F, protradolate-
: xe E C, viquadum fecet* circulum in H:
| eritque quadratum ipfius C H, zquale
! dato reclilineo A, Du&i enim rea
G H, quiare®a BF, bifatiam fe@acft
in G, & nonbifariam in C, eritre@an- -
r Pnlum fubB G, CF, hoceftbrectangu- b s

um B B,cumquadtatoipfius G C, gqua- -
X lequadrato cx GF, vel G H, quafunt
- slincxzzquales, Atquadiatacx G C, & cdef1sx
I 7 CHdW
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C H, valent qua- L

dratdipfivs GHy Q
eadem ergo qua- B (d i
drataexGC,CH, - "

. valeacré&agulum » X

B E, cuin quadrato ipfius G C: relio
*ergo communi quadrato rede G C,
quadracum ipfius C H, valebitre@an-
gulum B E, quod ab inirio faétum eft ¢-
uale re@ilineo-A. Quidratum ergo
ipfius CH, zquale crit re&ilineo A, Fa.

S @o igitur quadraco fuper C H, confti-

tucrimus quadratum dato redtilinco -
quale,quod crat faciendum, -

'

EYCLI.

|

—— e
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EVCLID I.S' ‘
Elementorum -
"LIBER III.
Dgﬁnitiénes. .

e Quales circuli funt quorom "
ZE diameuri vel & cencris lineg ad
ambitum. 2, funt zquales.
2 Lincarc®a ktan- A C B
gcre dicitur quar e augat,
produ&a longius circulum
pon fecat. Talseffbnes 4B,
~quacHm sagas circulwm C DE, i punite
G, profuitalongius e mon fesas,
3 Circuliferangere dicuntur gui curm .
fetangant, (eramen matuo noa (coant.
Idafu#amchDB CFaG. )
S e 4In.
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. 4 Incitculo zqualiter di- A~
ftare 2 centrote@ 2 lincz di- 3 “E DG

cuntur cum perpendiculares
" -acéro ad iplas dultg zqua.
Yes funt, e linea AB,C 1, aqualiter di-
Ranticentro D, quia perpendiculares DB,
D F,acentra D, af ipfas duide , fum aqua-
les, ' :
s Scgmentum circuli cft figura qua
{ubreétalinea & circuli circumterentia
" cominetur., Tall ¢f frura contenta recia
C1, tcircumferentia CG I,
6 Segmenti angulus eft qui
realinea & circuli periphe- %
ria continetur . Fales funt an-
guli 4 ¢y B. .
7 In [egmento avtem angd- B
© Juseftcumin fegméti circum-
Horentia fumprom fuerit pun
&um quodpiam, & abilload

I

lince terminos fucrintadion 3.
Sic angulns A B B fegmentoC B A.
%: Cum vero comptcﬁ:na, e

dentes angulu‘m datz linczal-
femunt peripheriam;illiipfial- :
fumpta peripherizangulus di-

citur infiftere, vt angulis D 4B, difirnr i

fifbére circum{erentia, D C B, ‘

L -
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9 ‘BeCtor amem circuli eft
cum adiplum circuli centrum
angulus fuerir conftitutus . w2 £5C
fadeentram 4 fitcomflitutos am- T
gulws B £C, figura B AC D, diceim [¢&oy
civenli o ‘
10 Similia_circoli fegmenta {uat qua
angulos capiunt quales; aut in quibus
anguli fuat xquales,

Propoﬁtiaﬂ‘es.f o
| Propof. r. Problem.

Buts cirenls centrum reperite.
N circalo ABC, duca- . g )
L tur vicanque 1t&a AC, . Q
qud bife&td in & D, per - EN) e 1er.
idem pun&i D, agatur per- A GC
pendicularis B G, b arun- : b 1.1
gens virimque ambi?n;. Diuidator ¢ ¢ ro.x
deinde re&ta B G, bifariam in F, erice- -
que pun@um F centrum circoli. Nom
- enim erit aliud pun&um in ipfa;B G, .
cum centrum nonpoffitin vilalinegef- .
fe nifi 4 vbifecarur bifariam . Sed peque ddefirxm
extra re@tam B G.Fac enim effe in E du-
canwntque E A,E D, E C;probabitur fa-
aéangulum E D A, efere&um ; nam in
-wiangulis ADE, CDE, latcra\s D,

]
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D C, ¢ zqualia func & D-E, "
commune,zqualisicem ba-
fis A B.bafi E C, cum vtra- b
que ducator excentro E,ad A\ B0 -
ambitum. Erunt fergo an-
geli EDC, E D A, zquales, & proinde
te&i. Hocaurem cffe nonpoteft; nam
ulus FD A, re@us cft, Maior igirur
:‘e‘go cit EDA. NoneftigiturE cetre
trum; (ed ncquealidd pun@om extrare-
&am B.G: Dati ergo circuli centram

oftf, ‘

Propo..z. "l:hcorc.‘

i cirenls ambity dwo paniafuman-
_ twryreaad sllapunitaduiiainira
circulum cadet. )

Vm\an:hr puida A&B;

N & cx aceatro iauento C, .
ducanrurre&¢ CA, CB,CD,. @
Dico pun&um D, & qaodli- A ‘B‘
ber aliud re&z A B. cadere intra ciren-
lum. Quiacaim C A, CB, pares funt,
pares erunt anguli b A & B, eritque an-
-gulus C D B,maior oppofitpinterno A;
quare ¢ maior eliam angulo B; la‘tu‘s

. ' i‘m!{
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igitar C B, fubtendens d angunlum maio-
rem C D B, maius eft latere C D, fub.

tendente minorém angulum B. Latus.

tamen C B, tantum pentingit ad ambi-
tum,quare C D, quod cft minus,ad am-
bitum non pertinger, Non eft igitus
punéctum D extra cirenlum ; quodidem
oftendetur de quouisalio inse@a A B;
ficrgoin circultambitu &c. :

Propo. 3. Theore.

Siin cirenle veGla per cemtram dulls
* aliam non dullam per censrum fo-

« cet bifariam, fecabit quoqu. ad 4m=
gulosreélos. Etfad reflosfecet
 Jecabis bifarsam.

19 EQaAB, ‘per,centiunx_z %
Rdu&a {ecet C D, bifariam aa
in F, ducanturque ex centro CB

d 18.2)

re@z EC, ED. Quia ergo pic

C E, CF, zqualia funclateribus D E,
D F, &bafis communis, erunt gangu-
‘1i EFD, BFC, ®quales;ac proinderc-

- &, ,
Quod

asr
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wod fi anguli ad -F re@i
ﬁnt%:um !atera% C, ED,tria~ (g s
guli EC D, paria fine, angoli D
€ & D, & crunt zquales,, & fic » ©
cran: in triangulis BEF«C, EFD, doo
anguli C& EF C, duobus D & E ED,
wquales;(ed & latera E C, E D, angulis,
a&qualibus adiacentia func equalia ;- z-
qualis ¢ ergo eftbafis’F C, bafi FD. Si
igicur in circulo, &¢.

’ -Propoi 4. Proble.

i i cirenlo veGg [¢ fecent non per cen-
- trum ambae duclg , non fecabunt f¢

-~ msityo bifariam.

S I entmpercentromtran-
{it vnacertum cft cambi. (DES®

fariam nom-fecari, cumnon ;
0ifi in centro poffi: fecari bi- AT=C

. fatiam, ncc alterd ex hypothefi per cen-

trum traféat . Quod fineutrz per centrd
taafcant vefunt reétz A B,CD,dicantur
tamen {e muteo bifariam (ecare in pun.
&o F; wunc ductd dcentro E reQ3EF,
erit angalus E F C, re@us cum »

. altera per centrum du&a dlreram ex-
wa centrum f{ecans bifgsiam [ecer ad, -

re&os:

¢ o e ————
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reétos : fedab candein caufam angulss
EF B,reQus crit:pares esgo eli€t angoli
/ -EFB,EEC, pais &totum, quod fiesi -
- acquit. : N

\

“y

*Propofitios. Theor.

. Sidwocirenli ¢ mutwo fecent non ba=.
bebunt idem.centrum.,

~ IrculotiABC,ADC, A
- fe mutuoin A& C, fe-
cantium fit idem centrum B g &

fifieri poteft; ducantur§ue .
EA quidé i céero ad alterutra fetioné,
E D vero fecans vtcunq; virumque cir-
culum in pun@is D& B, Quia iéitur
circuli A D C, centrum poniter E, e.
‘runt EA, ED, equales, & quiacira |
cali ABC, idem centrum pouwitur B
crunt E B, E A, 2quales;ergo & inter fe
effent ¢quales E D, E B, pars & totum, |
quod eflc nequit.Si ergo duo circuli &e.

Propofitios. Theor.”
Si duo civeuli intevin f tangant , non

" eritesrnmidem centysm. .
” : Nam
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Am fiduo circulifemre- A
rius tangant in A & pu-
teatur habere idem. ceatrum
B, dudis redis EA, quidem
ad conra&um , alwera. verd fecante
“wesumque circulum,puta B B, oftende-
tar,vef{upra, E D & B B, partem feilicet
&toum, zquales eletipfi EA: quod
abfurdum cft. Si duo ergo circuli &e.

. Propoﬁtio}. Theore,

In diametre civenli fi alind & centre
panitié accipiainra quoreGe plures
I cireumferentiam cadant,maxima
erit ek qua per cétrum ducitur ymi-
Bima reliquum esufdem line:alsa-
‘¥4m vere maser eft ¢4 qug tranf-
ewnt; per centrum cft propier, negwe
" plures quam dus aquales duci pef~
Jons incirculum &d vtrafgue par-
vessphive minima,

NP , T ; Indfa-
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¥ Ndiametso A B, fuma. g ‘ ,
A tur pundum C, alind 3 . Q :
. centro,D,ducanturque,ve- x
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. >
cunquere¢ CA,C E,CF, B

C-G, Dico maximam ca- )

mum efle C A, quz:cranficper centrom

D. Du&tisenimre&tis DE, DP; DG,
trianguli G D C, duolatera GD, D C,
quibus zqualiseft A C, maiora crunt 4 « 10.,
reliquo G C.Maiorctgoeft A C, quam

G C; codemque modo eadem reQa

" CA, quibufuisalijs ¢x C, duis often-

detur cffc maior. ;

3 Deinde quia Jateta E C, C D,maio-
rafuntreliquo E D, cui zqualiscft B D,
fi communc auferater CD, lates CE,
maius remanebit quam B C, & pari ra-
tione oftendetur ipfam B C, rcliquis cx
C,du&is efleminorem.

s . Rurfum. quia in triangnlis GD C,

" FDC, duolatera GD, DG, duobus.

D F,D C, paria funt,& angulus G D C,

maior quam FDC; erit'bafis 6 GC, § 24.
propior eftipfi C A, maiorremo- .

nore CF, R

4 Deniquefiangulo ED B, zquslis .

pomatur B H,ducaturque CH,in tria-

gulis EDC,HDC,eriit baies CE,C H,

#quales,cumanguli CD E,CDH, &'

latera s continentia fine zqualia. Neque ¢ 1.

’ . ~ ' vero
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vero plares poffunt duci-ad partes mi-
“nimg¢ B C, zquales prioribus.$i enith ca-
dantintrapun&a EH  temotiores eront
a.rctta CA, ac proinde mimores ipfis-
CE, CH, siautem ducantar extra pia-

. €ta E H: eruncpropioresipfi CA, ac
proinde maiores .. Si igitur in diame-
tro &c, L

83 extra circulum fumasur puncum
quodpiam,a que ad civenlum dwcé-
sur recte qnadam linee , quarsm
VnL per ConIrtm tranfeat, carere
vt lubes ducantur , rellarnm que
ducuntur ad canam peripherid ma<
Xima crit qua per censrum duostnr,
& qua busc propingwior , measer off
remotiorc.Extraciremlum cvere mi-
nima que ab affumpto punite ad
diametysm tendit, & qua busc pro=
prersminor cff Femovsore 05 dugian-
1 linca equales caduns ab e
punclo in circulums ad partes mins-

e ruel maxime. 4
yo c - Exra
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Xtra ciccalti A B- .
C D, fumatur pun-

- &um E, 4 quo ducantur
quotuis refte , quarom
vaa E A, per centrum
F, tranfeat,cxtetz vero
E B, &c. vtiubetcadat .
in citculum.Dicoy.redtarum quz duci.
tur ad concauam circuli, maximam cffe

- B A, qua tranfit per centrum F, Du&d

enim ¢ centroreRa ¥ Btrianguli EF B,
duo latera EF, F B, zqualia ipfi E A,
maiora s czuat latete E B, & fic de zeli-
quis, ‘
2 Maior cft etiam E B, quz propiar
eftipfi E A, quam E C, auc aliaremo-
tiar, Nam quiatrianguli E ¥ B, latera
EF, E B, zqualia {unt lateribus EF,
F C,trianguli EFC, & angulus EFB,
maior quam EF C, mator & crit bafis , ;. .
BE,quam CE. :

; ¢ Duétis 1e&tis TH, FI, FK, quia _

v trianguli B H F, maioralunt duo¢ late- ¢ 200

, raFH, HE, reliquo EF, fiauferantur

. wqualiaF G, FH, maiormanebit EH,
extra citculum, & reliquz E1, E K, qua

. fit EG. Minima cft ergo E G, quaad
diametrim G H, ductur, _ ,
4 Quia intra riangulum E1F, du-
cuntusredtz EH, HE, crunthgd mi- 4 316

.E noies

@ 0.
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- luis ergo equalibus
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poresipflis £ I, I F, ab-

FF, 1F, adhuc minor
remanebit B H, quam
E I, & ob candem cauf~
famminor ¢t E1, qua
E K, quare minor cft ,
femper,quz minimz E G, eft propior.
§ - Deniqueangulo K F G, fi zqualis
hac GF L, ducaturque L E; quia trian-
gula E K F,E L Pylatus habent comimu-
nc EF;& alterum K F, alteri L F,cquale,
& parem angulum contentum lateribus,
erunt bafes ¢ E L E K, xzquales. Neque
plares his duabus zquales duci poffune
ex vtraque parte minimz E G: nam aut
propiores crant aut remotiores Amini-
ma E G, quam fint E L,E K, quarc his
aut minores eruntaut maiores . Siergo
extra circulum &e, -
Propofitio 9. Theore. "

i ab aliquo intra circulum punle plu-

resquemdng recle aquales ad am-

Litwm ducantur 5 id puniinm cen~

trum cft cirenls. :
E X pun&o Aintracircu-

B
lum B C D, praterre.
&as A B, A C, zquales,’
ficijldem zqualis A D, du,

&uf-
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- Qif§ue re@is BC, CP, divifilque bis
fariamin E.& F, duegntur ad ambitum
rectx A'B, A F. Quia ergo triangulorum
ABF, AF C, lacctapmpiafugt 2qua-
lig, cruntangulisad F, zquales & r,eé{i, PEY
fidur etiam ad B, Quia ergo A F, re@Gam
B C,diuiditbifaria ad re@tos,in ea eft c&.
ssum circuli, &.ob cand€caylameft eriza ~
in te&a E A, centrum circuli:Non po-
teft erge ceatrum aliud effc quam A,
quia fofum pun&um Aclt verique AF
& AE, communc.Siigitur &¢c, = |
" ‘Propo.10. Theore, |

Circulws circewlum in pluribus quam

dwobus punélss non fecar..

‘Bcent fe fi fieri potelt, g5

circuli. in tribus pundis E B
A, B, C, centroque circuli N
A BC,inuento s quod fir D, Y e
ducantur re&z D A, D B,D Ciqug quia.
@quales funt, & atringuntetiam ambi-
tom circuli A B B, fequitutbpun@omD 4 .
‘effe etiam centrum circuli A B E, quod
abfurdum ¢eft. Non ergo fecabunt fess.
cifculiin pluribus pi&tis quam duobus,

E2  Pro-

’
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Propo. 11. Theore.

87 duo civcwli fe inserius contingans
~ yeclaconiungens corums centra pro-
ducia incidet incontaltum circs-

. dortim.

™ Irculi ABC, ADE, ,
interius in A, fc tan- @‘
gant: dico redtam qua duci-  \ 7

tur per centra F & G, qualis
eft P A, caderein conta@um A. Nam fi
fieri poteft , rea conidngens centrafit
B K, inqua centrum circuli AB C, fit
1, & alterius ¥, iunganturque retz
AH, Al Quiaergo AH, HI, reli-
sa0r quolatere AL g{ant maiora, & proin.
demaiora quam 1 B, qugex codem cea-
tro ducitur,fi auferarur communis H §,
manebit A H, maiorquim B H.Efter. '
go H D, maier jpsa H B, pars toto;
‘quod abf{urdum cft.Eadem demonftra-
tio procedet fi eentrum circulimaioris
cxtraminorem cadet.$idue crgo &c.

Pro- |

S ———— e emen
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‘Propo. 12, Theore.

84 due cirenls fefe exterivu‘canz;ugm;

dinea reGla centra comiungens per
contaltum tranpbit.

Tre@&a ¥ G, iungens” .
‘~J centra F & G, circalo- %
rumABC,BDE, (¢tan-

gentium exterius in B,non
tranfit per conta&um B, (cd alibifecer

"inpa@is C & D, iungens centra F& G;

ducanturre@e B F, B G; eruntqac duo-
Jatera F B, B G, maiora areliquo F G. # 20.1]
Secd funtetiam minora, nam FC, iph
F B, atualiscft, cxcodem centro F, fie
militerque G D, ipfi G B, eritzqualis.
Superatergolatus F G, reliqua duo late=
rafegmento C D, quod eftabfurdum.
ReQaigitur F G, non iungit centra, &
nullaiunger, nifi qua tzanfibic percone:

. tactum B,

'

E s

-

Pro~
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00400400 2660 FON004-000-H0000
* Propofitio 13- Theore,

Circulus circulum non tangis is pln-
 vibus punlss quam cone, fine intus

tangas, fine extra. _ ]
Am ficircu!i A B G D, . A _ B
LN tangat circulos A E-,
CF, interius in duobuspun- pQUS4
&is A & C,crunt diuetfa 4 cit- .

culorum centra,caquéinrecta A C, tril
euncc per contadtus b Sit ergo G cen-
trumipfins ABC/ & H ipfius ARC,
Tunc autem quiain recta A C ponitur

gentram circuli A B-C efle G, effetere-

&a-A Cbifaciany divifa in G, & fuia al-
terius circuli centrum cft H, etiamrin
H cfler divifa bifariam; quod fieri ne-
quit. ;

SEd' neque exeerius ¢ir- - s

culi fein pluribus pun- @ :

&istangent : §} enim

-in pun&is B& C, (eran- .

‘gunt , dudd re@d A D, per centra
" A&D,

v p——
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A & D, nccnon per contalum C, i-
temque duétis AB BD, ad altefum
conalium B, probarctur vt fup. #prop. 4 ja;
Jaters AB, BD, & maiera& zqualia
effe lateri AD. .

f -

Propo. 14. Theore.

Incirculo eguales reGla lines aquali.
ter centro diffant , & qua diftans
Acentro aqualiter aqualesfunt in-

ter fe.

IN circulo ABC, fint pa- A3
res retx AD, BC, &ex \%‘?4)
centro E, agantur EF, EG, -
ad re®osiplis A D,B C,ideo- D @
que 4 fecantes bifariam ,.iungantar§ue o 3.
EA, BB. Quia ergoanguliad F& G,
“funtredli, quadratumex B A, zquale
eftbquadratis laterom AF, EF: & fimi- § 4.5
liter quadratum ex B B, duobus quadra-
tis ex EG, GB. Nuoc quiaquadrata -~
rectatum gqualivm E A, B B funtgquas
lia erGic etiam quadrata due re&ari EF,
F A,zqualia duobus quadratis reGarom:
B.G, GB, &ablatis quadratis redtarum.
) E 4 zqua--
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equaliom FA, G B, mauebiit A 3
quadrata reGarom EF, E G, @

- mquala, -quare E G, EBF,funt -

zquales, acproinde ADBC, b e
zqualiter 2 centro ¢ diftant,

E conuer(o autem fi pofitum fir re.
&as A D, BC, diftare zqualiter 4 cen-
tro E, oftendctur ex {uperiori demon-~
ftratione ablatis quadratis reGtaram E F
E G, zqualium, qoadrata reliquaram
B A, G B, mancre zqualiasproinde & ip-
faseflc zquales, -

Prépoﬁtie 15. Theore.

 Incivenlo maxima eff diameter, & ch=

tevarum ea femper maior , qus cen~

troef propior.

Er centrum A
L du@i diametro
EG, ducaix HK,
propior ceatro quam
€ D, ad quas perpen-
dicularibus ¢ centro . .
du@is A L, A M,ex A L,’qug 4 neeclla-

:

|

rio maior erit, fumatur A N, zqualisipi ~—

AM, &per N agatur B E,ad reosip-
fiAL,

i

i
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# AL, iungantirgue re@="AB, AC,

-

" AD,AE,NuncveroquiaBE HK, 2-

qualiter i cemero 4 diftantes {unt 2qua- 6 14>
les,& intriangulo A B E,duclatera AB;-

AR, =qualia diametro FG, imaiora-
funt¢ quam B E; erit cadem diamerer ¢ soar.
F G, maiorqua B E, vel H K; aut qu¢-

uis aliay

s  Rurfus quia duo latera AB, A E,.
duobus lateribus A°C, A'D, funtparia, .

& angulus B A:B, maiorip{o C A D,eriy

bafis BE, feu B K, maiord quam C D, 4 24¢J-.
qua cfti ceatro remotior. Ia circalo -

. igitut &e,

Propofitio 16. Theore..

ua &b’ extremitate diametrs ad e -
Fos angulos linca-ducitur exsra cirs-
enlum cadie Negue alia refta cades

re poseft im locwm inter ipfam res-
Clam & peripheriam comprebiem.-

- Jums. Et femicivenls quidems angulur
onts dewso rellilineo masor cftyres

0N AHECTH NSO
. By Al
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> A+D pan&am Aex-» DLA - XS .8

& M tremum: diamecri SN
& C,du@iDE ipfi AC. ‘z'/‘ -

perpendieulari. Dico te-.
&am D E exora -cigcur
Jum cadere. Sienimvis .. L.t

cadereintra, qualis-cfler D-A F.du&i
ex centre rectd B F, carianguli AF B,

" duolatera BA, B F, paria fint, cflent 4.

ctiam pares anguli B.A F, ( quem visel.,
fe re@m) & BF A, quod ablurdum

R, eft: dud enimre&ib in criangulo eend:

€19:1

poflunt. Randem ob canfam A F-in cir-
_cumferentiam cadere nequit; puta 4 di.
cawr quod re&ta A L cum circumferen..
tia congruan:nam. ciiam tudc in trian.
gulo B'A.L effent dao reéti fuprabafim:
AL. Re@a crgo D.A. neccflario exira.

circulum cadir,.

2. $:d nequealiareda cader intrare»
&am- A B, &ambitum ¥'A. Sienimid.
putasde A G, ducaturad cam- &cendro

perpendicularis. B.G;. & quia-re@useft:
BG A, minorreo cric B A G: quare:

maior oft B A,.c quam B G. fubten-
deéns minorem re@a. At hoc abfur-
dum eft;- nam BA-ipfi'B H, partite-
tius. BG, =qualisclt,. nonergo maior:
totd B G, ' -

5 Aogalus Gmicirculi BAF, quolie

- ——



EIBER IIT oy
Fer acute cft maior: nam quinis acnzus
com fir minor re&o BAE, debebit
conftitui per re@am,puta G A, quzad:
punétum A du@a neceflario cadit ime
tra circulum,, Minorem crgo angulum-
faciet quam fic angulus femicirculi:
‘BAF. . C
4 * Angulus: reliquus- H A E, Quem:
contingentiz dicimus, miner cft quo-
* wis rectilineo’; nam fi minor aliquis-
- conftitvi poflec pwa G A E, duceretur
re@®a G A, in locum inger refam A E,.
& pesipheriam- A HF, quod abfurdum:
eft.Qua igitur &c, :

Corollarium..

« Hine sffisitior yoliam ad sxtyemum din<

. masri perpendicularem sangeresivculnm, &
imunice punitotangere;nam i pPlura $Angs- a4 al-
Y82, caderes a intra ciraium. 5

- . .

Ee Brol
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Propofitio 17. Proble;

A dato paniie rellam limesm dicere
o quedatum cirenlum tangas..

D Ato pundo A, & cit- A
culo B:D F, ducatur ex-
ceniro Cre&ta C A, & co. @G
dé centro fpatio CA, fiar ¢ir-
culus A E G; exciterurquead D, re&ta
" DE,adreQos ipi CA. Indeiun&d re-
& C E,agatur quoquercétd A B; quam-
eandem ‘dico -tangere circolum BD F;
inpuncto B; Quia enim trianguloram
ABC,EDC,duolatera AC,C B.duo-
bus E C, C D, funt paria,& angulus C,.
¢ommunis,hzc triangula (e habentjux.

T tagy. %&t’e com angulus ED C, re-

‘@us fit,rectos quoqué crit C B A, & pros
inde recta A'B, circulum 4 tangitin B..
~Audato csge punéto & ¢.

- " Pto-
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Propo.18.. Theore.

S civenlum tangas relia linea, dulia

altera & centro ad comsaltum ipfi
. sangents évit perpendscularss,.

T fire®a AB cix\culum- :
¥ tangat in C,alteraD C,
ex centro D, adcontalum C, . ACE
du&a, ipf AB erit perpendi-

cularis. St enim anguliA C D, D CB;né - .
funt redi, erit corum 4 alterucer acutus, # 3.3

put#A C D,fed hicmatorcft angulo fe- -
micirculi E C D, etitergo angnles fe-

micirculi minor aliquo bacuto , qued & 16.

. "fieri non poteft. Anguli ergo-AC D,

D CB, funtreti, ac proindere&a D C,
tengenti A Bieft perpendicularis.

Propo. 19.. Theore:.

83 velacircuttm tangat, &0 ad punili:
corallus tangensiipfi perpedscularcs:

© EXEIECT, S CA YL GiY CHES Cemtrwm..

ReQa:

3
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E&a A B rangatin T Do,
circulum C D E, exci-
teturgue ad ta&um C, re@a -
C E,q ipfi AB perpendicu- B
laris; in-qua fi negas effc concrum circg=

ILfic exgo alibi, pura ybi F, ducaturque

FC, quz ipfi AB crit 4 perpendicula.

. 5is, quare re@us angulus ACE icRo
angulo A C F crit qualis, pars videlicer
‘toti,quod cft abfardum, Non crgo alibi.

exit centtum quam inte&aC K.

| "Propo. z0.. Theore..

Ex cadem peripberiy pertione angulus:
ad censywm , duplys eft cisu qus ad.

- ambitum extenditur., .

SVper fegmento A B, ad’ ‘
ceatrum C, . fiac angulus-
ACB, & fupercodem{eg-
mento A B, ad ambitum cx-

tendatut angulus A D B. Quia’ crgo-
, u’ian%uli CB D laiera C B, C D' funt’

#qualia;funt 4 & anguli D, & C B D,ad
bafim zq:rales : {ed" his- duobss internie
& oppofitis 4 cxcernys A CB clt =-

“qualis;. idem igitux angulus excternus:
\vm.“ idem .E‘. L angulus ACE;. .

1

[}
3

4

A

i
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. g,CBUl“" ¢ftad centsum,duplus eftip- .
"flus A D B, qui porrigituradambitam,.
Exoadem ergo &e. . .

o Adem:  demondtratio R
adhjbebitur fi triangu- . (o :

lafeinteefecent. Veangnlus. . A
A«CB adcentrum, duplus. E L
eft ipfius. A D B, quiad ainbitum. Nam
du@d re@i D CE, eruntangull CD A,
C.A D, czquales, & his.duobus 2qualie ¢ ;..
externus & & oppofitus A C B, cuiusan- 4 33,0
guli quia pars vpaangulus BC E,e du- ¢ sar..
plds eft anguli BD E’, reliquus A CB,.

" duplus etiam erit reliqui A D B, quod
erat probadum:cftenimangulus AD B, .
angulus ad ambitum,& A CB, adcenx
ttum, fuper codem arcu A B,

Propo. z1. Theore.

Lu.cirewls g~ in eadem portione funs'
wngyliyequalesfims..
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It citenlus ABEC, & :
in cius portione AB C, .
fint angulis ABC, AEC, %

ducaturque ad centrum an-

gulus F. Quia érﬁo ram angulus b B,
quam E, eft dimidium eiu(dem anguli
¥, fequitur cos inter f¢ efle pares. Im cir=
culoergo &e,

. Vod fi anguli p—\EBE-=E-
fint in femicir- . G-
culo A'BEC, autin ¥

minori portione, tic
quia in triangulis B G A, B G C, angu:

11 A G B, C G E, funt ¢ 2quales, ficut &

anguli BAE, B CB, qui in portione
maiore ECD A, zquales iam funt
oftenfi, erit ctiamtertius A B C, tertie

CE A, dzqualis, quod crat demen-

firandum .
Propo: 22, Theore.

QMiI«eromin_in cirenlo deferipto-
rum anguli oppeffis duobe reltie:
Jimt wquales.—

s
i)
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) Efcripto quadrilatero” A __ g
ABCD, in citcalo~
. A BD,ducantur reélx A D,
B C. Tunc vero quia anguli € P
CAD, CBD, in & cadem portione o ax
CABD, & fimiliter "anguli D A B,
D C B, in eadem portione B A € D, fune
eriam pares; totus angglus C A B, duo-
bus DCB, DBC, =qualis eft: fedhi .
duo addito angule C D B, fiunc b zqua- 4 3310
les duobus tcé%is( conftituent enim tria-
gulom CD B) Idem igitur angulus
C D B, adiun@us oppofito C A B, cffi-
cict quaque aagulos pares duobusre-

&is .
Propo. z3. Theorema.

Supér cademrecta dua csyeslovum por—
tiones fmiles & inaquales ad eaf-
dem partes non conftstuentar.

Intenim fi fieri poteftfu-
per A B, (egmenta fimi-
lia&ingqualiaA C B,AI? B, A A
du&ifgue re@is AD, BC,’
B D, cruntanguli D, & A CB, pares
fupercadem aportione A B. Atexter- 4 ax;
' oas:
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aus A C B, interiori & oppofiro 5 D,par
effe néquit.Super eademergo redta &e.

| Propofitio 24. '/Thcor:

. 'S‘yp'cr/ c‘qadibu)‘ veltss liness fimilia

= conculorsm. fegmenta inter fe funm
#qualsa . .

BN Vper re@tis equali- -
"2: T bzps A‘.B. C[{?,qcon- N
iuta fine fimilia fegmen.
ta AEB, CFD.\uiﬁnG A BcD
funt mqualia; collocetur A B re&a fu-
“periplam C.D, cui congruet, cum po-
matur 2qualis,Quod finon congruereat
etiam fegmenta,tunc vel vnum extra al-!
terum totum caderer & fic fimilia & in-
mqualia. fegmenta fuper cadem CD
confticucrenrur, vel vai caderet partim
extra, partim intra; & tunc circulus cir-
eulum fecaree in pluribus punis, quam
duobus putain C, F, D, fi cireuli perfi-

o ——

' @ a3 ¢ cerentur,quod vetumuis 4 cft abfurdum,
o, $uper xqualibus ergo redtis &c.

Pro-
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Propo.zs. Proble.

. ,Data portmu eircals ddirzbm circs
wxd o Awm cwsm eft portio,

IN data portienc ABC, 'w
famantur vecunque tria
+ pun@a A, B,C; imngan- WRKCY
‘furque duabusreatis AB,BC;
quibusin D & E bifetis, ad ea yun&a
excitcatur perpendiculares DF, BF,
wbi enim fe fecabune puta in F, erig cir~
culi centrum. Centrum enim erictam
inrea D F,aquaminaheraEF. Non # 1.
alibiergo quam in F, alias duo effent
,'ynius cireuli centra,Centroergo F, {pa-
"tio FA,defctiberur circulus: coius per-
. ‘tiotft ABC, :

T Propoﬁ 26. Th_eor. .
Jngali- ;eqﬂdlé: ad mtrn vt d

ambitum civcslorum aqnalium in-
- JeRuns fegmentie aqualrbus.

~

Siat.
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S Int #quales angu- K NG
DIi AGC,DHF,ad @ @
centra G & H, ducan- A% oy
turque reéte AC,DF, :
Quiacrgo triangulorom A G C,DH'F,
duo latera G A,G C,duvobus HD HF,
funcparia, & anguli G & H, ponuntar
aquales;erit abafis A C, bafi D F, ¢qua-
lis,quare & arcus A BC,barcui D EF,
crit @qualis. Rurfus fianguli K & L, fint
¢quales,anguli G & H qeiad céira funr,
crit ¢ corum dupli, ac proinde zquales:
ideo§; v prius,arcus A B C,D BF.(qui-
bustam anguli ad cétraquamad ambi-
tuminfltunt ) zqualescrunt, Angulier-
goad centra, kc.

Propofitio z7. Theor.
SAnguls ad centra. ant ambitum 2gue-
liwm circulormms infiftentes g qnali-
. bus cirenloram portionibus, [uns

-aqudles.

S IcoimanguliBDC, x :
F H G, zqualium cir- F@
vl ¥

culorum,zqualibus arcu-
bus BKC, FL G, infi-

. ftunt, & Anguli ipfi non funt #quales, fic
B:D C maior , fiatque angulus CD pl;i
‘ . inf:

—————— e
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- ipiFH G, mqualis; equales ergo erunt -
arcus CI, F Gy quod cftsabfurdum, 4 14
cum arcus BC & F G, pofiti flne xqua«
les. Anﬁ_u]i ergo BDC, FH G, ine~
uales efle non poflunt, ac proindeb & to.

necanguh A & B, qui funt dimidijip-
forum D & H. Apguli ergo ad cen-
tra &c. oo

i Propbﬁtio 28. Theor.

_ s equalibus civealis gquales recte ane
Serums & relinguunt aqualesperi
pherias .- - :

N Am fi in paribus
circulis A B C, @
, - DEF reGze BC, EF, 350CES

funt zquales; fadis an-
2 fulisad centra G & H, erunt rriangu-
i Jotum GBC HEF, dyo latera G B,
GC, duobus HE, HF, aqualia, cii-
quebafis B C,bafi EF, fit ctiam zquae
lis,eqaales erunsangulisG & H.Equa- 4 1.,
, lesergo portionesfuncé BK C, EL¥; bas.
quibus ablatis, ¢quales quoque relin-
quentur BAC, EDF, Ia zqualibus
crgo &c. ‘ o

- ‘ . I PT,OO

Ly
Ui
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Propo. 29 Theore,

. In aqualibus civenlss #qwales- pevifibe-

rias aguales reilx linea fubrens
dunt . - ) :

N Am in figuris fuperioribus i BKC,
E LF, fumptg fint portiones ¢yta.
les, pares acruntanguli G, & H:fed &
latera continentia (unt 2qualia, quarc é
bales B C, E F, quz fubtendunt zqua.
les arcusinter fe funt zquales. o

Propo. 30. Proble.

Datam civcumferésiam fecare bifarid.
' Atz peripheriz ABC, 'B_ .

fubtendatur recta A'C, \
diuia in D’ bifariam, ad quod

pun&um excitetur DB ipfi ADE

- A C perpendicularis, eritque peripherid

A B C bifariam in B, divi(a, Nam du&is
retis A B,B C,quiatrizguloremm D A 8,
DBC laws DA ipli D C, et Zquale,

) - . & DB,
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& D B commuse, angulique ad Dre-.
&ifunt,erunt s bafes A B, B Caquales, '« 4.r.
ac proinde mqualesb ctiam peripheriz b 10,
A B, BC. Scacfigitur A B C bifa.”
riam in B; quod erat faciendum. ’

* Propo. 3t. Theore.

Incirculo angulus qui in femicivenls
vellus eft: qui in portione masore,
minor rello; & qus in minore, ma-
dorsinfuper masorss persionts angs~
lus eft masor vecte s minoris, mi-

- ner, g ' '

N femigcirculo ADC, fiat
vtcunqueangulusCD A, B S . .
quem dico effe re@um: Nam A

" ¢x B centro du&tirc@iED,

& latere C D produ&oin F,quiatrian-
guli ECD duolatera EC, ED funt
patia,pares quoque criivanguli s BCD, 4 510
EDC, & inwangulo EAD, parcs
erant ob candem caufamanguli ED A,
E A D; totus ergoangulus AD C, vna
fui parte anguio C, & altera angule
EAD ¢qualis cft, fed ij{dem angu-
lis C&EAD, oppofitis & imternis
. _ zqua-
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squaliscit b externus ED A, 2L
Sunc crgo ®qualés quoque N
inter e Enguliq'\ D C?A l;ll‘; CBA
acproinde reQus vterque. '

Etquiain triangulo A CD, angu-
gulus A D C, oftenfus eft re@us,minor
¢re&o erit angulus D CA, qui cft in
postione D CB A, maiore quam fic fe-
micirculus. )

Nunevero fumptovecunque pune
G, inarcu D A, do@ifquere&tis D G,
G A, quia quadrilaterum eft C G,angu-
li oppofiti 4 DCA, AGD, valent
duesreftos;led aogules D'C E, minot
re&o oft, reQo ergo major eft angulus
D G A, quicttin portione D G A, mi.
nore quam femiairculus.

$ed & angalus maioris portionis qui
contincturse&a A D,& circumferentia
D.AB C,major citre@o A D C,totum
videlicet- fua parte . Angulus denique
minoris portionis qui coptinctur re&a
AD, &arcu DG A, miner cit quam

~ze&us A DF, pars videlicer quam ta-

tm, In circulo igitur &c. -

- .ProQ
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Propo. 32. Theorema.

Si cirenlam reéla tetigerit , & dtalin
ducatur recla alsera fecans orcw-
Inm , anguls quos ad tangentem fa~ -
cityequales erunt ofs qws funt in al-

- ternss cirenls porsionsbws.

Irculum ABC D, tangat Ay
re@a EF, inpuntto D,
ex quo ducatur DB, vecunque. .
cirg:’!um fecans in' B dci;]de o=
excitata D A, ipfi E F, perpendiculari
{ qug erit s diamerer) ducatur A B,fum- # 1%
progue quouis punétoin atcu B D, puta
C, ducantur etiam reétg BC,C D.Quo
fa&o dico angulos quos facit B D, cum
tangence E F, zquales efle angulis,qui
funtin aliernis cicculi portionibus Hoe
cftangulom B D E,paréeffeipfiBA D,
qui cftin pontione A BD; & angulum
BDF, parem eficipfi BCD, quicftin
poniiene'D C B.Naquia angulus ABD,
in femicirculo b reétus eft, reliqui duo & »r.

. BAD,BD A, vniretoc funt pares;led ¢ 33:1

feus cft angules ADE, vales ergo
¥ oo duos
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~'mum A, angulus D A B,

122 LIBERIIL '
duos angulos BA D, BDA; Ay
ablatoergo communiB D A,

reliqui BDE, & BA D, ma. * 2
nenc zquales. Amplius quia * ®

A C, quadrilaterum eft, anguli A, & C,

funtd pares duobus re@is,ficut & angu-
li BDF, BD E: cum igitur angulus

. BDE, ipfi A,fitoftenfus zqualis, reli-

qui BD E, BC D, inter (e relinquuntur
quales;Siigitur citculum &e.

Propo. 33. Proble.

Super data reaportionem cirenli de- .

Jersbere que capiat angalum daso
4ngula reftilines aqualem,

Sl angulus datus ficre-  B_C
Qus vt D, & datare- @F
&a it A B, cd dinisd bifa- y 4
giamin F; centro F, (pa=

tio F B, ducetur {emicirculus A E B,ca-
picns & angulum re@um. -

SI veﬁro angulus da- o
tas firacutus, vt C ﬂ
' &datare&@a A B; ap: A BIC\

pliceturad eius 4 exere-

’

ipfi ,

|
|
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iphi C zqualis; deinderectd A B, diuisd
. bifariam in E, excitetur E F, ad reQes
ipli A B, & ad A, reéta A H, ad reitos
ipfi AD, iungawurque G B, eruntque
triangulorii EAG,EBG,latera EAEB,
zqualia, & E G, communc ,angulique
cotentiy¢quales,gqaalis ergo eric d bafis 6 «x.
GA bafi GB,quatc i cétro G,(patio GA,
ducatur circulus,tranfibit per extremum
B; nunc vero du@a re@a H Biquia dia-
metso A H,ad extremum A,duéta eft ad
reos linca DA taget chc linea circu- < 16
li;& quia & contaétu du@d re&d AB;cir.
culii fecar, erit angulus D A B, feuangu-
lus datus C,xqualis 4 angnlo AHB,qui 4 23.
- eftinalterna fe&ione AFB,hzcipfaigi-
tur (e€tio H F B,fuper data AB,capitan~
gulum dato angulo zqualem,

Imilis erit ftru@ura ft BB
detut angulus obtu- 6"‘
fus C, & fimilis item de- B F <
monflratio, capictenim AXF

arcus AHB,augulum ob.

tufum B H A,ipfi G A1, hoc eft dato an<
gulo C,zqualem.Super daia ergo &e.

"F: Pro-
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Propofitio 34. Proble.

Adatocivesle portionem auferre gua
A;ngulum capias parem  angule
lato. -

~

N It datus angulus F,& cit-
S culus ABCﬁ:ui ad quod- _@Bﬁ

uis pun&um, puta C, appli- DCE

angulus B C E, ipfi F, ®qualis:eritque
angulus quiuis in portione C A B,puta
BAC, bzqualis ipfi B CE, feu dato
angulo F, cumangulus C A B,fitinal. .
tetna circuli(eéione, :

Propofitio 35. Theore.

Siincireulo due re8y e interfecent,
veilangulum fub fegmentss consm
aquale crit reGanguls fub fegmen-
&% altersne consenie. ’

Incit- |
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N citculo AB C D, retg
A C, B D, feinter{ccent A
in E; qua fe&tio fi fitin
€entro,tlc cum omnia feg-
menta fint zqualia,erit retangulum fub
fegmentis valus , zqualere@angulo fub
fegmentis alierius. Quod fiin alterucra
tantum puta A C, fit centrum circuli,fe-
cetque 4 alteram B D, zqualiser &ad » 4°
reQos in E, wunc du@®i ce@i FD, ex
eentro F, quia re@a A C, bifariam in F,
& non bifariamin E, diuilacft, eritre-
&aogulum b fub A B, EC, fimul cum b 520
vadrato ipfies EF, aquale quadraro
ipfius F C, vel F D, feu duobus ex ¢ FE, ¢ 47-1.
B D; fed quadratum ipius E D, eft re-
&angulam {ub partibusredz BD, fc-
&z zqualicerin E; Igicur re@angulum
fub partibus E D, E B addito quadrate
ex B F, zqualeclt quadrate ipfius F D,
ficut & re@angulum fub partibusinz-
qualibus ipfius A C, adiuncto codem
quadrato ex E F, ficbat zquale quadra-
to ipftus F D; Ablato ergo commuai
quadrato ex E F,re@&angulafub AR, EC,
& (ub BE, E D, remanent zqualia, -
I vero in alterutrareQa
AJ puta A C, ficceneri cit- n
culi F, & viraque lincaine. c&coy
qualiterin E dinjdarur,ductis
' v ) 23 FD, &
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F D, & perpendiculari F G,

re@anguli fub parcibus A E, D@
E C,cum quadrato ipfius BF, CIg
par erit quadratod ex FC,

vel F D; Similiter reGangulum (ub B E,
E D, cum quadraroipfius B G, zqualia
funt quadrato ex G D, & hoc cum qua-
drato iplius GF, zquale ¢ft quadrato
ipfius D F, quarc additis ad retangald@

" fub D B, E B, quadraris ipfatum EG,

G F,(cu quadratoeipfius E F,fctre@a-
gulum {ub D E, E B, aquale quadrato
ex D F, cui ctiam zqualecratfreQan-
gulum {ub partibus ipfius A C,adiun&o
quadrato ex EF, hocergo quadraro ex
EF. communi ablato, retangula (ub
AR,EC, & B E, E D, manent zqualia.

D Enique finewtra p_ 6 ) ¢
per centrum tra- A@
fgar, &woaexillisbifa- ‘

riam fecerur, aut neu-
tra: ducator per cenrrum F, & fe@io-
fem B reda G H,tun cvero quia often-
fum eft re@angulum fub A E, BB, z-
* quale’efle re@angulo (ub G B, B H ( fi-
-g¢ A B, diuifa it bifariam, fiue nor jitem
re€tangulumub C E, E D, zqualeecfle
cidem (ub G B,B H,(fiuze CD, bifariam
feQa fic iucmon ) erit reGangulum fub
- AR EB,

- ———
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A E E B, aqualere@angulo fub CE,
E D. Quoderat demonftrandum, Sier-.
go in circulo e, ’

Propo. 36. Thcorc.

- 83 3 punilo extra circulum ducantur
due yelle, fecans una, alteratan<
© gens cirenlumreSangulum fub ro-
tafecante & parse quacidem adic-
,Gacft vfque ad punilum;, gquale
erit quadrato tangentgs.

E X pun@o A ducatur D
A B, cireulum fecans, £
que primo tranfeat pet cen- 'S
trum C, agaturque sinfuper -
re&a A D,circulym tangensin D, ad.
iun@i re@id C D, quz erit badreQos b 13
ipti AD. Quia crgo recta BE, bifa-
‘riam fe@a eft in C, & ¢i adiun&a eft
E A, critcre@amgulumefub AE,AB, ¢ 62
cum quadrato iplius B C, vel CD, -
quale quadrato-ex AC: fed hocidem
quadratum ¢x A C, valet duo fimul
dquadracacx A D, CD;fiigitur aufe- 4 471
sas quadratum commune ex D C, re-

- F 4 -+ &an-

%13,
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Gtangulum (ub A E, A B, fit ¢quale qua. l
drato tangeatis A D, .

Vod filinea A B,né
Q traleae per C céerum,
ducaturad eam CF,perpé-

dicularis, item aliz reGz l
CD,CE,CA.Ciigitur re&anguli fub -
AE, A B, addito quadratoipfius EF,
pat fit ¢ quadrato ex AF, addito com-
‘Tuni quadraro ex F C, quadrataex A F,
¥ C, feufquadratum ex A C, mquale

.~ eritre@angulofub A B, A B, vnd cum

quadraiisez EF, F C, vel cum quadra-
to ipfius E C, Quia ergq re&tangulum
fub A B, A B cum quadratoipfius CE
vel C D,¢quivalet quadrato ipfius A C,

g 71 velduarumg A D D C; i auferatur ¢5-

muneex D C, vel CE, re@angolum
fub A E, A B, mancbit zquale quadiato
ipfius AD, Quod erat demoultrandum.
Sicrgoapuncto &c. '

*"Propofitio 37. Theor.

S$i & punile extra circwlum ducantar
rvecka dun,quarii alterafecet,altera
in csrenlum incidac, fitque rectan-
Lulnm fub fecanso, 0 adielia parte

' . ryh“



LIBER IIL. 119
vfque ad pun &um,xqudlf mu'de_n-
135 quadyasoireciasilasncidens cirs
cnlum tangit. :

X pi&oD g £ B |
YTy ‘§%§§%§%
calum ABF,dus - AN~ :

caturre@a DA, .
fecans circulum in C, fitque reétangu-
lum fub D A, D C, zquale quadrato re-
¢te D B, Dico re@am D B, tangere cir-
culum.Nam du@ire&i D F, tangente
scirculum in F iungantlir @ centro B 4 15
re&z BB EF,&fire@aD A, nontrane
fic per centrum E, addaturetiam D E,
Nunc vero quia rectangulofub DA,
D C, zqualecft bquadratum tangentis 4 3¢,
D F, erdemgque reangulo fub D A,
D C, ponitur zquale quadratum ipfius
* D B, erunt quadratatetarum DF,D B,
#qualia; ideoque & ip!z quales, Quia
crgotriangulorum D FE, D BE, duo
Jatera DF, F E,duobus D B,B E, funt
#qualia, & bafis D E, communis; cruns
sanguli D FE, DBE, zquales;eft auv ¢ 812
temdangulus D F E re@us,reQusergo 4 g,
etiameft D B B, ideoqueerc&a DB, , ;¢
circulum tangit, Si érgo cxtra cizculum
&, T ’
B Fs  EYCLL
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: Dqﬁnitioms.

2 llgura re@ilinea inaleera
L' re@ilinea dicicur inferibi, |
cum finguli cius qua in-
J) (cribitur asguli fingula |
at ciusin qua. dicitur in-

V T triapgﬂlm J‘Bc, D L
inferiptum eft in trian- 5
© guls DEF: at sriangss-

—-——— [ponten

a
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- biturin triangulo L'M N, quia Angulus H,
Bon arsingit latws M L, '

2 Figura circumfigutam deferibi diei-
tur cum fingula eiws qua circumf{cribi-
tur latera fingulos angulos tetigerint fi-
gurg,qua intus cft delcripra,

Ve in fuperioribus exemplic triamgulum
DEF; off deferiptum civc triangaium .
ABC, attriangulum LM N, won eft dof~
eriptum circa G HK.

3 F gura re@ilinea in circulo infefi-
bi dicitur cum finguli eius anguli
eircolum tevigerint . V¢ sm figura defimi-
siowis fexta triangulum A B C | diveslo
AD B, eft inferiptum non ansem triangnism
EF.

(F Igora vero redili- A

nea circa eirculum r@n
defcribi dicitar,com fingn- %, c
1a eius latera ambitum-cir-

culitdngun:,v's triangulum AB C, deferi-
ptum e circa siveulum D E F.
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s C Imiliter & circulus
in figura re@ilineain- = DA 4
feriprus eft,com cius ambi- & C3

tus tangit fingula latera fi-
gurgin qua circalus deferibi dicitur. 7
sirculus D EF, inferiptus off in triangwle
4ABC. :
6 C Irculus autem circa
’ figaram deferibi dici-
tur, cum circuli ambitustan g
git angulos omues cius fi-
urz qua circialcribic ¥z circwlue ABCD,

efcripess efF civcm trianguium AB C, nen
autem civca DEF.

7 R E&a linca in circulo

accommodari vel apta-
1i dicitar | cum cius extremain
circuli peripheria fuennt.7els-

#ea A B, aptara sftin sireulo AB G, nom an-
tamC D,

Propofitiones.
Propofi tioz. Proble,

In dato cirewls reltam accommodare #-
) gﬁfdem dasg recle lim’d,qmc ciresls
diametro waior nomfs.
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N circulo A B C,ap-
tanda fic linea 2qua- J
lis ipfi E, qua diameizo ) 1

A C,maiorng fit,nam ma- ‘
for diametros nullaaptari potelt.Qued s 15.2
fidiamero A C, cffet 2qualis linea E,
ipfa diameter A C, effct accommodata
vt petitur, Si ergolinca E minor fit dia-
metro A C, ablcindacur 2 ualisA D,2¢
centro A (pauo A D, ducatur circalus
B D; iun@a cnim re®a A B, aptatacrit
“in circulo A B C, & critzqualisipfi B,
cem E, fir 2qualisipfi A D, cuiequalis.
ctiam cft A B. -

‘ Propo. 2. Proble.

In datocivcule triangulum defevibere
 dase sriangulo aquiangalum.
It datus circulus A- g ' .
B C, & triangulum . A .7
DEF. DaQastangen- ACT/LR 4160
te GH, ad pun&um B, : )
fiar anguiustH B C, zqualisipfi D, & & 25.5."
"G B A ipfi,E ponatur 2qualis, ducatur-
‘§ue re&a AC, & erit triangulum AB C
quod petitur:nam quia angilas HBC .
&qualis et iphi A inalternas ('e&ion;,& ¢ 3.3
)

———— -
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# a3,
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¢ 18.2.

d 3.1
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‘eadem de caufa GBA, B

ipfi C; erit quoque an- R
gulus D ipfi A,&angu- Al 0%
lus Eipfi C ¢qualis; qua-

re & tertius F, 1pfidangulo B zqualis
erit.In dato ergo circulo &c.

Propo. 3. Proble.
Circa datwm circulum triangulym de-
\feribere dato sriangulo aquiigulsm.

R It datus circulus  , AK
ABC, & trian- &; A S
gelum DEF, produ. sy c 1 ¥ *
&oquelatere BE,in G, .

& H, angulo D E G ¢qualisfiataad cé-
trum angulus A1 C, & angulus BIC,
angulo D F H;accnon ad fingala pun.
&a A, B. C,ducantur f tangentes K L,
LM, MK:eritque trianguluom KL M
triangulo D B F, zquiaogulum. Nam
quia in quadrilatcro AIC L anguliad
A & C cluntreéh, reliqui L & A IC
duobusredis funtpares: fi enim duca.
tar LI, duo triangsla A LI, C LI habé&
angulos pares 4 quatuor reis; com igi-
tur duo reifincad A & C, reliquicon-

tincbuntreos alios duos . $icrgoan. -

guli ALC,A1C,valent duosreQos,cum
angulus A1 C fiszqualsiphi D E Gal-
P : - Sekans
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terangalus A L C par eritangule DEF,
mndoquidem anguli circalatus DE \
inte duobas reis zquales. Eodem mo- ¢ 15.1.
" doin quadrilatero BICM oftendetur
angulumM cffc ipfi DFE zqualem.
Quare & tertius D, tertioangulo K eric
#qualis.Circa datum érgo &c.

Propo. 4. Proble.
Indaso triangale cirewlwm defirsbere.

D Adi wianguli ABC
duo quinis anguli /ﬂh
.CBA, A CB bifecétur sper "" T '
re&as D B, D C, occurren. :
tesin D, 2 quo pun&o ducantutb D B, 4 12,
DF, DG, fingulz fingulis latcribustrian-

guli dati perpendiculases. Nunc verd N
Quiatriangula DBF, DBE,babeuntfingu-

Ja ad E, & F, voum angulum reGtum, &
alterum DBF.calteri DBE #qualé,latus ¢ smff. -
infuper DB conimuneserunt detiam la- 4 26+,
tera D F,DE ¢qualia; fimiliterque ofté-
deturra@a D G,re@tz DF ¢qualem cffe.
Siigitur centro D, fpatio: BF, ducatar
circulus FEG,trafibit per pun&a E & G,
tangetque lacera omnia tridnguli dati
ABC,1a date ergo triapgulo &c. v

o Lo _P_RO:‘

),
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Propo. 5. Proble.

Circa datum triangulum circnlnm

- deferibere.
Rianguli A

Tda:i ABC o

duo latera AB, p 2

AC, diuidan-

tur bifariam in D & B; ad qua pun-.
&aexcitatis perpendicularibus coibunt _

ille inpun&to F, velintratriangulum,
velinlatere ipfo, vel extra, vein figuris

" eordincapparer. Ducantur infaper re

AF, BF, CF, fiomaes, ant aliqu'c ea-
fum ante non {untduftz. Quia ergo
trianguloram AD F,B D F,lateraD A
D B, funt 2qualia,& D Fcommone an-
gulique reQiad Dicritabalis AF, iphi

- FB =qualis, pariterqueoftendetor FC

ipfi FA, effc aqualem . CentroergoF,
fpatio F A, duccturcircalus A CB, qui
tranfibic pes pun@4 C & B.Circa datum
sigowiengalum, < - ¢

R}

—_— -t

" Proe .
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004604604000606:000 60460 690
* Propofitio 6. Proble.

In dato circulo - quadvatum defri-
bere.

N datocirculo ABCD,
fccent (e ad reQos in @
centro E diametri AC, BD, P8
ducanturquere®z AD, AB, ~

€ B; C D: oftendetur crgo omnes has
lineas cffc xquales bafes triangulorum
fuoram pet 4. 1. & (untanguli fepraillas
bafes,puta (uper A B,szquales,quia 2- « sn
qualia func Jatera E A, EB; cumerge
omnes anguli ad B fint re&i,omnes qui

funt fupra bafes erunt femiredi, totus

ergo angalus A B D, & fimiles,{unt re.
&ufigura ergo rectilinea A BC D, qua-
dratum eft, deferiprum in circulo 5 quod
eratfaciendum, | '

Propo. 7. Proble.

Circa dassm circulum quadranm def-
sribere.
Dudis. .



# 16.3.

b 18,5,
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V@&isdiamerris fefecan- ¥ Aa
tibusad re@osin Ecen- Y ToNg

tro,"per caram extrema A, B, x

C, D, ducantur # tangentes

FG & fimiles, eritque figura rectilinea

F G K H quadrata; inquareilineum

A K cft paraliclogrammum, {uot enim 6

anguliad A & Greiergo laterac AG,

CK parallcla, fimiliterque parallele
funt A C, GK propter angulos ad B

& E re@os, Cum ergoangulus A CK
re@us fit, erit ctiamd oppofitus A GK
re@us: fimilierque oftendetur angulos

ad F, H, K, re@osefle, Item GK =.

qualecft oppofico A C, ¢ diamerro cir-
culi, & omnia alia latera figurz FK o-
ftendentur diametro circuli zqualia,
Suntergo omnes anguli re@i & latera
aqualiain figura FK, & per confequens
eft quadratum,Circa datam ergo circa-
lum, &c.

- Propo.8. Proble.
Induto quadraso cireulum deferibere.

D Ati quadrati A D, lare: A ¥y

ribus AB, A C, bifa- zo
siam {c&isin E&F, per E c’
re&a B G, paraliclaipfi A B,

& pes

|
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& perFducaur F H ipfi AC fimiliter
* parallela; erunt§ue » lateribus quadraci 4 ss.1.
~ &interfezquales. Et qgia A K paral.
lelogrammum cft,erunt latera oppofita
FK "AE dimidium lateris b quadraii, & 3+
squalia:Similicerque oftendetur omnes
rectas KB, KF,KG, K H, ¢quales cfe
- dimidio lateris quadrati, & inter fe.Cen.
trocrgo K, fpatio K E dncetor ¢jrcu-
lus E F G H cangens omnialatera qua-
drati.In dato ergo quadrato &c.

Propo. 9. Problc.’

. Circa datwm quadratsm civenlnm de-
' Jersbere.

- '\' N dato quadrato ABCD, B
du&tis diamewris (e fe. A@
cantibus in E, quia triangu-
i ABD lrers AB, AD © ©
funt ®qualia, erunt « anguli ADB & 5.’
A B D equales, & femire&i , cum angu-
lus DAB re&us fit:fimiliterque oftende.
tur omnes angulos gcminosad A,B,C,
D,efle ¢quales;quare latera ¢ EA EB &¢. © 6.1
inter fe elfe gqualia. Cétro crgo E,{patio
EA,ducezur circalus ABC D,trificns per
' emaia



[ YR

¢s.
4 11.3.

¢ 37.3
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omnia punQa extrema quadrati, Circa
datum igicur quadratum &e,

‘Propo. 10. PrpBlc.

Triagulum Hofeclescouflstuere in que
vterque angulus ad bafim ft du-
"plus reliqus. .

EQa A B,fcceturin g

o C,iuxtay1.2.itave
seftangulum fub A B,
BC, ﬁtgzq(nle quadrato ' )
rez C A, Deinde falto .DB
contro A, (patio AB,du- . 7 .
€atur circulus B D E, in quo aptctur s
refta B D, ipfi A C, #zqualis, iunéhis in-
fuper re@tis A D, C D; eritque trianga-

lom A BD zquicrurum.Quareb &aa-

guli fupra bam B D, fuat xquales.
‘Nunc'vero holce angulos fingulos cfle
duplum tertij anguli A, fic oftendo.Cir--
ca triangulum A C D, duco ccirculo

. DCA, quiaretangulum (ubA B, BC,

aquale eft dquadratoex CA, (ea B D,

pet conftruitionem, & A C, circulum

fecat,ipfa B D, tangit e circulum D C A,
quareangulus C D B, zqualis eltfiph
Ain
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~ A inalterno (egmento;& cGmuni CDA
addito, duaanguliA & CD A zqua- _
les funt duobus BDC & CD A, hoe f
.efttoti AD B, vel ABD.Etquiz an. .
gulus exteraus B C D, doobus giater- g jar.
nis A & A DC, zqualiscit, critidem
BCD, paripfi CBD, vel ADB; &
proinde hre@&x D C, D B ®quales, cum 4 ¢, -
paresangules fubtendant. Bt quia BD,
poﬁta cfti pﬁ C A xqualis, pares crunt
reét¢ CD, CA. Quarckangulij)A & kst
€ D A zquales, Duplus ergoeft angu-
lus externus B C D, ipfius A, & civ{dem
dupli zuoquc anguli funt C B D,ADB,
quiipfi cxterno B C D pares oftenfisiir.
Triangulum ergo Ifofceles &,

C—

Propo. 11. Proble.

In dato circulo pensagonum aquilase-
rum €5 aquianguinm deforibere.

' A’ssapxq wid- A

gulo & Ifof- E Lo
cele EG H, cuius B
anguliG & H, du-
plifinciphus B,in ¢<“—pG H
circWlo ABCD, b ‘ b
&atilli zquiangulum A C D, bifariam- “'' "

que




4 36

€.29.3.

f 5.3,

. guli ¢ACD,ADC. e E
un@is deinde re- B
&is AB, B G,
DF, FA, faQum .

"que ‘angulos penta-

142 LIBER IV,

ue dividatur an- A
C

A DG H
erit quod propo- .
nitnr. Nam quiaanguli ADB,BDC
funt pares,pares etiam cruntdarcus AB,
& B C;& cadem ob caufam omnes reli-
qui arcus funt 2quales, & omnes ere&lz
A B,B C, &c, ®qualcs, qua pares arcus

fubtendunt.§ed & angulus AB C, fan-

: gulo BCD & reliquis quatuor imilie

us eft zqualis, co quod inzqualibug
fegmentis fint omnes , 1a dato ergo cir-
culo &c¢. )

Propo. 12. Problc.r

Circa datsm circnlum pentegonsim -
quilaserum defcribere.

N dato cisculo A-.

BC, notétur quin-

quepun&a A, B, C,
D, E, fignantiz quin-

goni gquilateri in cir-

culo s defcripti, ad quz p un@a cx cen.
' : troF

~

g, e
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tro F ducanturtotidemre@z F A, FB,
&c.rurfufque ad carum extrema ducan-
tur tangentes qua concurrent § inan-
gulis G, H, K &c.faGumgque erit quod
petitar. Nam quia in quadrilatero
B.F CK, quataor anguli quatuor¢re-
&is @quivalent, fimiliterque in quadri-
latero CFDL, & anguliad B & C re&i
funt,{equiturangclos BKC BFC duno-
bus reétis zquivalere: fimilicerquean-
gules CLD CFD: cumque BFC &
C F D fintanguli zqualesd ob pares
arcusBC,CD,reliquiBK C&CLD
erunt zquales; parique methodo often-
detur angulos reliquos pentagoniinter
feeffe zquales. Nunc vero efle zqui-
laterum fic oftendo, Du@is re&is F G,

F M, erit quadratum ex F G, ecquale

quadratis tam iplarum A F, A G, quam
iprum EF E G,.Quare ablaiis qua-

dratis aqualium A F E F, quadrata

reliquarum A G G E mancnt zqua-
lia,ac promnde 1e&z A G GE {unt -
quales.Cumque an%nli FAG.FEG &
continentia latera

triangula AFG G F Einxta 4.1.& idcit-
coanguliA F G, G F E zquales.Eadem
methodo oftendetar triangula F E M,
MFD effciuxea 4.1, ac proindeangn-

* losEFM MFD cflezqualcs.Quare an-

nt zqualia, crunt

b ax.ay.

¢ 33.1.

d 27.3.

£ 47.1.

guli s .




far

“guli, EF G, cam finc

~dimidij cqualia EEM, _ ZTS\
<runt ater {e pares, » ﬁ"&

- Quiaergoin iangu- K Q M
lis GFE.EF M, duo cp
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HA G

anguli ircare@3E F,

funt pares, & latusadiacens EF, com- -

mune eft,reliqua latera b & anguli erunt
xqualia. Equalesfuntergore&2 G E,
& E M, dimidiz ipfius G M, Eodem
modo oftendetur A G,cffedimidiam ip-
fius € H, Cumque dimidiz GA, G E,
often(z fint ¢quales erunt & tota latera
pentagoni G H, G M zqualia, fimili-
tcrque deczteris procedet demonftra.
tio. Ergo &c.

Propo. 13. Proble.

In dato pentagono equilatero & «-
~ gwiangwlo circulum inferibere.

' Ati pentagoni A G B
ABCDE, an-

uli duo proximi E- M v

ﬁ B, AB g, bifecen. E% c

tur 4 per redas AF, 7R

BF, & ipun&to F,in

quo concurrunt , ducantur ctiam re@=
e FC x




LIBER IR 143

F C & ccterz ad reliquos angulos,

. Quia ergo. triangulorum ABF,FBC
_ dyolatera B A, B C zqualiafunt,& B F

commune , angulique contenti ad B
funt pares;erit b totum roti zquale tria-
gulum ; angulique & latera correfpon-
dentia ®qualia ; pares ergo funt anguli
B'AF, BCF. Cumque anguli BAE
B CD ponantur gquales,ficur BA Feft
dimidium totius anguli BAE, ita BCF
dimidium erittotius B C D. Hicergo

.a’n‘gulus.& reliqui in otbem , fe@ifunt

bifariam,Ducantur deinde FG,FH &e¢.

. Tingulz fingulis lateribus perpendicu-

lares, Etquia trianguolorum GFB, BFH
duoanguliF GB, GBF duobus FHB,
F B H {untparcs,&latus F B commu-
ne, xqualia cetiam ernne latera F G,
F H, & his pari modo zquales erunt
FK FL,F_M. Quare centro F [patio
F G du&us circulus tranfibit ‘per pun~-
&a H, K, L, M, & fic in pentagono
<circulus erit defcripuus,

I o ke

bqr.
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R
Propo. 14. Proble.

Circa datum pentagonyum gquslaterum

& aguiangulum cireulum defers .
bere. ;

. D Ati pentagoni. A B- A

CDE, angulisABC B »
B C D feéis Hifariam per
réCtas FB, F C, inF con- =
uenientes , du@ifque re-

&is F A, F E, FD uianguloram

ABF BFC duolatera BA, B F duo.
bus B C, B F 2qualia crunt;& anguliad
Bcontenti ®quales. Bafissergo AF
bafi FC @qualis eft; oftendeturque vein
fup.prop.reliquas FAF D,FE draidere
bifatiam angulos reltquos , & omnes
effe lineas inter (c zquales . Centro et.
go F,{patio F B duas circalus tranfibic
pet religua punéta C,D,E,A.Circa da-
wum ergo &c.

_ Propo. 15. Proble.
In dare circnle hexaganum aquslaserk
& 2quiangulaminferibere.

e e e i == e liR———

Inda. .

-
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N dato circulo AB- A N

C D, cuius centrum

G,du&adiametroAD ¢cp- »

tro D, fpatio D & ducatur

circulus E G C,fecans prio-
rem in pun&is E & C, du&ilque per
centrum G ad ambitum re&is CF,E B,
ivaganturreae D E, D C &c. eritque

triangulum E 6 D ®quilaterum (?uaxe T

cius omnes anguliactunt inter(epa- 4 $.1

ges, & quilibct crizpa:s tertiab duorum b sz 1.
re&orum)cui per omnia ¢quale eft tria-
gulum D G C.lam vero quiarectaE G

-cadeans ¢ inreta FC facit zquales duo. ¢ 131

bus retis,cii anguli E G D;D G C,fine
duz rertiz, duorum re&torum fequitur
angulim E G F effe parrem tertid duo-

Jum re@ori, & zqualem duobus prios
ribus angulis; funtergo triad triangula 4 4¥-
EFG,EGD, DGC wudique ®qualia; &
quiaanguli FGA, AGB,B G Cfunt
ad verucem angulis prioribus, omnes
fex anguli ad G funt ¢quales:quare om=
nes circumferentiz e A B,&c.omnesque ¢ 2673
frc@zillis fubtenfz funr zquales, Eft £ 283
ergo hexsgonum ABCDEF zquilate.
rum;quod idem eft zquiangulum; ham
omnesanguli FE D, & alj, conftane
duabus tertijs duotum reorum, vt of-
tenfum cft. Indato ergo &e, - -

' G Corol-
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" Corollariam_.

Hinc mansfefbum eft larws bexage-
ni aquale effe femidiamerro circuliy
aam?am: DE aquale ¢it femidia-
metro D G.

'_ Propo. 16. Proble.

Indate cirenlo quindecagonum aqui-
laterum , & aquiangulum inferi-
bere .

PP N dato cireulo A- 2

oﬂa D C deferibatur » D\/\G
triangulum zquilaterum g 3’:
AR C,& pentagonumz- B F
quilacerum A D B F G, cuius angulus
vnus conflitoatur adaliquem angulum

trianguli putaad A.Quia ergo A C fub-

tendit tertiam parcem circali, fi tetus

. circulus in quindecim partes aquales

diuifus intelligatur,inarcu A G C erunt
ex ijs quinque ; & cum A G fit quinta
Pars , in coarcu erunc.partes tres; duse

crge

RSSO

i e ———— i+ i T
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ergo crunt inarce G C: quo divifo bi-
fariam in H erit GHpars decima quin-
ta circuli totius . Quate du&4 {ubtensd

‘G H, fiaptérurbin circulo-quaruorde- & 1. .

cim aliz ¢quales, incipiendo 2 pun&to -

.G vel H,deferipti erit in circulo quin=-

y ~ decagonum equilateram : quod ctiam: _
erit ¢ zquiangulom, cum cius anguli ¢ 27.3
emnes (ubrendant areus zquales trede-
cim laterum quindecagoni: nam angu-
lus Habareu GH & cius{ubtenfacs-
preheafus {ubtendicarcum GADH &
ficde caeeris angulisqoe plura latera
quindccagoni dy&a client, In dato er~
go circulo &¢. )

G3 EpyCLI-




\?"? T

EVCLIDIS
‘Elementorum

LIBER 7.

St
%‘g;{?&{r tgxﬁ%?

Definstiones.

P Azs eft magmtudo Ma-

/ é’@ gnitudinis , minor maio-
: ris, com minor inecitue
[ Fen maiotem , V¢ lings dnoyum

pedum , parseft linee fox pe- |

Aum,quis miner ter repetit s metissiy, O ad-
&quat maiorems , Strictiore hoc fignificats
gcnpﬂEu:hdu nomen Partis , proeofols
qua sotwum metitur, ¢ dici foltt Pars ali-
quota. Pniserfalius; Pars cft qug aliquo-
ties repetita meritur denique vel fupe-
- Tat maiorems : € fs comprehendituy eiinm

Pars aliquanta,que torum (ussm son meti-
tursqualic pars eff 2 .vefpodnipfine «. s.b ‘

his por-
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bis porro sumerorum exemplis mgm’udi-
ves imtelliganiur;putn lines pegum Auorum,
€5 pedum quingue.

2. Multplex cft magnicudo magai-
tadinis maior msinoris; cum minor me-
titur maiorem . V¢ 6 eft mulsiplex ipfsus
2; Miner verore[pecin maioris dicstur Sub-

sovultiplex. Puiserfaline ; -Multiplex eft

Imagnitudo magnitudinis maior mino-
ris,cum minor repetita metiter, vel ex-
‘cedit maiorem:ssque ita Totum non tan-~
tumve[pecin partis Aliquote; fed etiam ref-
pecin Adliquanta dicesur multiplex , puss
5. refpeitnipfinsz. .
3. Ratio cft duarum cialdem generi,
magnitadioum matua quazdam fecun-
dum quantitatem habitudo, Qued Graci
Ay®- dicunt | Latinireddunt, Ratio, qua
alind non et quam duarum einfdem ge-
neris magnisudinum ( nam qus geveris
Junt dinerf§ inser fe confervi nmpaﬂ;fnr. pus-
talinencum fuperficie’) comparasso [ecun-
Aum exccsfum o defelum , fiucinratione
totius ¢l pATtis, aut etiam fecundum aqua-
litaters 3 que dicitur Ratio agualiratis,
Sunt ergo in omni vatiome dus Termini;
& quibus prior | qui in cafis-nominandi fo.
letefferri, dicitur Antecedens; poferior
vero qui in alio cafu [ubiungitur ;- Aicitup
Confequens, ¥t cum dico;linea 4. pedum
’ G4 ot dn-
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o2 duplalines 2, pedum; antacedens buine-
-xasionis eft linea 4. pedum, confequens vere.
 aft linea 1. Exceffus autem ansecedétis(nam

awsecedentis loco ponere folemus id quod ma-

it oft) fupraconfequens,dicatur Diffcren.
tia terminoram, . :

. Rationum wero alia off Rationalis, gue
ot inter magnitudines commenfurabiles,
G wmmeric exprimipotefs us ratio duplasri-
pla,C alic anwmeris denominass, 1 1ratio-

“nalis antem off, qua oft.inter magnitudines.
incemmen(israbiles, (o numeris extrimmine-
guit : qualis oft inter latus ¢ dinsaestrum.

einfdem QuAdyasi; quamuis enim diameser-

fitlasere maior , definivitamen nonpoteft;
quanto fit maior.neque enim dimidionequs
partatersianequc vila alia numeris defigna.
bili | maioreft diameser quam lasses Qun-
Arati . Dicuntuy vero magwitudines illa in -
commenfurabiles, quibus nulla sommunis
menfura poteft akhiberi : vulla enim guan.
SHrIMis exXigha pars [umipoteft,qua lasss 5 -
mul ¢ diamsetrum quadrati mesiatur;nam
[imetiatur diametrum, non metistur latns;
. aut zconserfo. : '
4. Rationem dicuntur habere joterfe
magaitudines, qua multiplicace fupe.
rare (e mutuo poffunt. Nallaergoefira-
tiofiniti adinfinitum, linea ad [uperficiem;
cHum Beque magnisuds finita infinisam., ne--
! que

L p—
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inea fuperficiem,quacungue miltiplica-
l?i:‘n: fs&]ai‘,g";:};:;g:m“w . ica:

"~ g. Ineadem ratione effe dicuntar mna.

gnitudincs, primaad fecundam, & ter
tia ad quartam, quando auctis quacun-
que mulciplicatione antecedentibus

( quafuntprima & tertia ) aulis ctiam -

“eadem velalia quacunque maliiplica®
tione confequentibus(qua (unt (econ~
da & quarta )femper cuenit vi cum mul--
tipiex primzaut maior cft aut xqualis, -
aut minor quam multiplex {ecunde, ta-
lis quoque fitmultiplextertigad mulri-

. plicem quartz. Quatmor magnisudines efie-

i3 eadems vatione non eit alind quam pri-

B e

mam iinceffe maiorem [mmda s ficsttertin -
maior eft guarta-y fiue fecundam offetalems -
paviem primea- | qualisparssertiaeft magni-
1ndo quarta, inxta dsf. 3. Anvero quatuer”
Anta magnirudine fint buin[medihec,qued «
artulimus iudicio deprebendstur .. Nam i+
magnitudinibus ABC D, fi fumatwr du~
pinm
-G8 16, T2 4.
F 12, 13 18 18
E 8. 6 ) ¢ T2 ’.
4 2. 6. 3.
. A B G D
antecedentinm, @ tyiplum cofcquentium,vt*
' ' Gs.  fadum:
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¢ factnms off in ordine E, tunc ficut mulsiplex
prima fuperat malsiplicom fecunde itamml .
Biplex tortia multiplicem quarte:dt in ordine
F, cum (amitur triplum avtecedentinns , »
" Jextuplum confequentium , multiplaprime
‘O fecunda , itemtersia g quarta , pariter
[uns agquaisay inordine autem G cum fumi .
thr Ruplum antecedentium ¢ oiiuplum c-
Jequentium , tunc maltipla prima o tertie
pariter minera [unt multiplis fecunds O
quartasneque alind vnquam eueniet in gui-
buftumnque alijs multiplicationibus 5 vnde
colligimus magnitudines A, B, C, D, offein
emdem vatione . G)uamuis autem hoc exem-
pliom in magnitudinibous commenfurabili-
bus, & wumeris propofitum fit, idem tamen
eueniet inratione etiamirrationali, quod
intelligntnr in fequentibus uiam exemplis.
Ab hoc indicio iubet Euciides snuzfli-
gari an snagnitudines in eadms yavione
fint 3 quod tg‘umoda Cum nAtuTa intima
proportionalian cohareat ficsftsndo  Buia
. ratio eft magnitudinum [ecundum quen-
titaten comparatio ; non eft alind ms-
gnitudin®s in cadens vatione effé , quam
effe in eadcm comparations fess babitm-
“Aine maioris Cp minoris , ‘1otiss Cn partis;
fi nomen pavtis latind [umatur, vt compre-
hendamus etiam proportionzn irrations-
lem . Non poteft autem & quatuor mag‘:‘i-
’ K - ' i’
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#uAinibus prima candems babere compara- .
dionem maioris ad fccandam. minorem,
quans habet tevsin ad quartam ; nifi fecwn
da & quarta pari mimero multiplicate 5 -
militer fe babeant ad maiores , que ad ex -
ceffum & defectum . Sienim exempligra-
34 cum [ecunda B terrepetita now 6xce-
dat primam A, quarta tamen D ter 4¢-
ceptafuperet tovtiam C, ma-

nifeftum evit D non effeita '3 3 5 2
minws ip(o C, ficut Bipfo 4 4 B C D
avt quod idi eft, Cnd effeitamains ipfo Dy
Sisuseft A ipfo B, arque adeo quassior illns
magnitudines, non effe in eaders vations. 18
ware perinde eff conferre minores mAgnits-
Aines B g D,ad maiores fingulns A ¢ C.at-
que ad eafdem A ¢n C part wuswero multi-
plicatas, Nampeceffe oft quogue fimiles pay- -
ses eoRem mods fs haberequo ad exssffum &
Acfectum ad [un tota aqualiter multiplica-
24 Sicnim cum B fexies fwmptum, non exce-
At A bis vepetitum , D samen fexies Aceep-
tum, fupeyes C bis repetitum 3 manifeftum
etiam inde evit B non offs talem partem ip=
Jins A, qualis eft D ipfius C, fess quod idsm
e, Cuistacflemaimipfo D ficuteft Aipfo
B.1dipfum were eft,quod Enclides docet jiu-
bet tnim maioyes magnitudines A C
aqualiter multiplicari | (ewprima O testia
ami agiemulsiplices, multiplicari esinm
f G 4qHA~
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agualiter minores, feu partes B & Dito i
Jamper codens modo fe habeantin exsefiu ¢
defeiin adtotn A ¢ G aqualiser mulsipli-

cata , vectecollsgit, Acffeinensationcad.

B, inqua sy C.ad D.Atque bac Emclidis de-
finitia quibtnftunq; magnitudinibus in ea-

Aemrations pofisis competity fes per fo ¢ fo- .
lirarie accipiamssr, [en figurie illigata. Qua

vero magnitudines ex.ip(acui illigasa funt;.
Configurations eandem. proportiencas [or-
tiuntur bmuiaydvﬂmf e defigieninr:
In ecadem ratione f{ont

magnitudines primaad fe-
cundam , & tertia ad quar- D

~ tym,quando qua muluplicazibne auge-
tur primafupra {ecundam,cddem quo-
queaopgerurceriia {upra quattam. Exeme
pli casfa. srianguin intir onfdem parallelas

" pofitaputa Ao B, & corum bafes C ¢ D..

- funt in cadem ratione; quiafi- prima ma.
gnitudo A duploaus triplo maier fit,aus fint
#sd fecunda B, tertid etik C.duplo ats sri-
plo.maior evit, qui quarta D ; vt confiat ex-
prop.28.1.Efiergo vt A 4 B,ita C ad D.
6.. Magnuitudines qua in cadem ratio-
ne {uns proporrionales vocentur , Pats.
Jifunisnt primaad fecundam isasortia ad
quartamguatsior ille magnitudines dicesn-
turproportionales . Et quidem fi. fuerit vb
privsn.as fecundam s feunia adtertiam,
. Ceser-

“
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. G tertinad quarsaos , maguitndines illa:
¢runs. Conunoé proportionales, guia-

. Propartio nnlichi imterrumpitur, vt videye sft

| is.magnitudinibus 16.8. 4. 2,84 vt 16.4d

D 8,¢48.4d 4. 4.0d 2. Quod fi mon fit vt

| prima ad fecundam ita fecunda ad tevtiam,

i fedsantym vt prima ad fecundam | itaser-
"t ad quartam, vt fit in magnitudinibus 4.

2. 6. 3, magnitudines illa proportionalss:
quidem, nontamen continus proportionsles

. erunt,quiaproportionis car(us interrumpitur
inter fecundam g tertinm,

;7. Quando vero fatta antecedentium:
l & confequentium - multiplicatione,.
' multiplex primz excefleric multiplic
.+ céfecundz,multiplex auré tertiend ex<
. ceflerit muliiplic€ quarta,tic primaad-
,» feclidammaioré haber rationé,quater<
. tiaad quattam.V: quis in magnitudinibus
o AyB, C,D, fumptoduplo antecedentium, o -

jundruplo confequenti , multiplex ipfine-A-
}upoul multiplicamfecunda B, cum tamen.

, . 12. 8. 14, 16,

- 6. 2. 7. 4
* A B. Cn D.

& mwltiplex sevtia C. non fupsret multiplicens -
s quarie D; ideo inguam, maiorem rasionems:
bhabet A ad B, quam C ah D, Breuiter, ibi

N smaior eoft ratio wbimaisrefl inequalitns:ibi
s avseormaier oft inequalisas ubi diffrentia
: ) : sermsis-

r by
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serminorm aut pluries sontinet confoquen
tam,aut cft civs pars maivr . V3 Aifferentin
trminorsm A ¢ B ef 4, duplums [cilicet
sonfequentis 25 differétia vero interC ¢ D,
of 3, minor confequente D; maior ergo. ina-
gnalitns o ,masorque ratioipfrus A ad B,
quam ipfins CadD. '
8. Analogia feu Prepottio eft Ratio-
num fimilitudo . Pwts fmilisudo qua off
inter duns yaciones triplas , aut .quadru-
plas dicitwr Proportio ¢ Analogia Sapeta.
men apul aullores Proportio aliud non eft
quams fimplex vatio inxta def. 3. '
9. Proportie intribus minimum teg.
minis c6 fiftic:C& enim fis fimilitudo dus -
v yatianum ¢ ynaquaque fitinter duos
Nrminos, QUAINOT teyminos requiret Proper-
dio;nii terminws unus bisvepesatnr : vt cum
dicoficut 8 ad 4 ita 4 4d 3. Et tunctyes
teymini ad propertionem fufficient,
10. Cum tres magnitudines propor-
tionales fuerint, prima ad tettiamda-
licatam rationem habere dicitur eius,
quam habet ad fetundam . V¢ guia pro- -
portionalesfunt 8, 4,2, prima’8 &a tertiam
2 digituy Auplicatams babere ravionens eius
guam habes ad fecundam 4.
xr. Quado vero quatuar fucrine pro-
portjonales magnitadines, primaad
- quartam triplicatam habet rationem

&ita

l

¢
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& ita deinceps wno amplius, quamdia

.- proportioextiterit.

12, Homologa dicuntar magnitudi-
‘mes antecedentes amecedentibus, &
confequentes confcquemibus. Frim
quatsior proportionalibus .cum dico V't 6.4d
3.6¢84.4d 2, primach sertia  quis ambe
St antecedentes dicunturinter f¢ homole-
g&i ficwt ¢ fecunda homologasf cum gquar-
83; quin amba funt confegnenes.
13. Alterna {cu permurasa fatio eft
quando ¢x quatyor proportionalibus
antecedens cum aarecedentefen prima
cum tertia, & confequens cum coile-

" “quente, hoc cft fccunda cum quarea

comparatar.
Quisenimet 9 H 6 . 3
Ve AadB itaC ad D
. Erit per- 9 6 3 2
mutande Vt A,ad C jta B ad D.

QuoA intellige fi inter pri.
mam (o tertism, Cd in- M
ter [scundam G quartam,po- -
teft effe proportio, Vnde etiamfi fit wttvian-

« gulum A ad trianguli B,ita bafis C ad ba-
fim D; non tamenlicet permutare vt A ad
C cc. quia inter triasgulnm b lineam
non poteft effepropertio . De permutatara-
tione agitnr infra prop. 16.
b ’ 14 Con-
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14. Conuetfaratio cft gum confequens
inftar antecedentis fumirur, & ad ante-
¢edens, velur ad confequens compara-
tur.De gua vide prop.g.in sovollario.
. 9 3 6 T
Quiaenim ef.Ve A adBitaCad D
Evitconmeriendo. 3 9 3 6
’ VeBadAiaDadc.

15. Compofitio rationis eft cum an.
tecedens fimul cum confequente inftar
voius fumitur,& ad con{equens compa.
ratur. Dequa vide prop.18. )
Namquiaeld. 9 3 (1 2
Vit AadBitaCadD
Erit compomendo, 13 3 8 3
' Vet ABadBitaCDadD.

16. Divifio rationis eft cam differen-
tia terminorum loco antecedentis fn-
“mitar, &ad conlcquens comparaqur,
- Deqwa videprop.1 - '

Vtinexemplo [epis propofito inter prio-
ves terminos, qui [unt 9.6 3, Aifferentia
off E 6. suter pafieriores asstars, quifting 6 ¢
a, Aifferentincft. Fq. .

Quacegoef. 9 3 6 3
Vet Aad BitaCad D-
Bricdigidendo. 6 3 4 a2
' V¢ EadBiraFadD,.
. 17,Con-

!

e e e e
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- 17, - Conuedfio rationiseft cum ante-
cedens ad differentiam terminorum,. .
- velur ad confequens comparatur . Ds:

qua videprop. 18. cn
Naw qfli‘ Gﬁ. 9 3 6 2
-Ve A Bia € D
Evitconierfio- 9. 6 6 4.
ne vationik, Vv Aad Eita CadF,
18: Proportio exzquo eft cum fue.
rint plures magnitudines , & alicipfis.

-pumeto zquales quz binz & binz in
. eadem ratione {umantur, fueritque vt in:
. prioribus prima ad vitimam; ita ctiam.

in pofterioribus. Vel,eft fumptio extre~

marum per {ubtractionem mediarum..
V't fifint plures magnitudines A4, B, C, ¢
alistotidem D, E, T, biga & bina insadem

_vatione, hoc eft v A ah B ita D Ad E,to vt:

B ad.C,itaE ad F,érit ex &que, vt in prio.
ribus A adyltimam C, ita esinm in pofe~
vibus prima D, ad I. o
) 126 3| 84 =
ABCIDBREF
Ergoex aque. Ve r2ad 3 ita - $-ad z
19 Ordinataproportio eft cum fue-
mt vt antecedens ad confequentem, ita.
antecedens ad confequentems , fucric
etiam vt confequens ad aliam quam-
piam, ita conlcquens.ad aliam quami-

piam. / .
M!“ip
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Dupliciter infiewi potsft proportio ex -
aq8o : vne mods quando tam in prieri-
. bus quamin pofterioribus comparanisur pri-

m& cnm [ecunda., On fecundn cem sertia;
& hecefs ordinasa proportio , qus hic defi -
witur,Cr Ae qus agitur prop.2.0.¢o 22:einf-

.gue exemplum pofirum eft def18. Altero me-
Ao fir proportio ex aquo , cum ordopertnrba-
tur in poftevioribus , wt apparebit definitione
Sequenis,

»20. Perturbata proportio eft cumetri-
bas exiftentibus magnitudinibus & to-
tidem alijs, fuerit vt in priotibus ante.
cedens ad confequentem , ™ jta criam in.
pofterioribus : vc autem in prioribus
confequens ad aliam quampiam , itain
pofterioribus alia quzpiam ad antece-
dentem ,

Vi fi fit quemadmodum in priovibus A
#d B, itain paflevioribus E ad F, vt verpin

- priovibus B confequens ad aliam quam-

pyiam C itain poftevioribus alia quapiam
D adantecedontem E, eris bac povturbara
Proporiio. deqisa agisur props. 21. .23
. 18124 [ 379 6
’ ABCIDRF
Ergodx aque. Ve 18 ad gitaz27ad 6,

Lubetad extremum breui fchemate

poncre [ub oculos omnes hafce pro-
poriionum formas quas_animo firmi-
: - , ter com-

|
|

)
)

[

|



Eris Permutando 9 - 6 - 3 2,
Conuertendo 3 9 2 6
Componendo 12 3 8 2
~ Dmdendo 6 3 P 1

- Cenusyfioncrationis 9 6 6 4
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ter comprehendiffe plurimam tyroni-
bus prederic.

Eyuin ¢ft Vr 9. ad 3 ita 8 ad 2

- Ex 4quo b?"lin,.' " Ex aque pertarh.

C . 12.6.5. ] 8.4.2. 7 [1802.4. [ 27.96
ABC|DEF ABC|DEF
12ad3 8adz | |18adg 27ad6

Neque vero difficile ef? adutrtore ex ipfes
numerss in ommibus hifce ordinibus qume
tuer magnitadines offe proportionales , fen
minores quantizates ¢ffe fimiles maiorum

partes : Nam in permusataficns 6 eft pars
fub quialseraipfins 9, ita 2 ipfius 3. Sem
sdem eft , ficus 6 [emel continessr

. m 9 & [up:rfnnt 3 pars dimidia ipfius 6;

ita 2 femel captinetsur in 3. ¢ fupereft 5.
-pars dimidiaspfins 2. 1dem in religuis ordi-
wibus deprehandes.

Pro-
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- Propofitiones.
Propof.r. Theor.

S fuerint quotcungue magnitudines
qUotcigue magnstwdinum numero
aqualium aquemultiplices fingule

_ Jngularnms quam mnltiplex eft
VRAUniUs 5 tam multiplices eruns
omnes omnisuns. :

I_I()c:l eft Equcmg}- Bi1ojs}¥
tiplicium magpitudi-
aum qugm multipﬁgccsfunt /><\
fingulz ﬁngularum, tam € 3 ¢ 2
multiplicessutomnesom- A B C D
nium, Vtquia zquemultiplices fuar A:
adB,Cad D;fi A& C colliganturin E,
fimiliterque B & D calligantur in F,
quam multiplex erat A ipfius B, tam
multiplex cric B ipfius F,

Non ¢nim maiora aut minora fuat
to1a quam (ux omanes paties : 0oA po-

teft proinde totum E platies vel paa.-
ciore
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-ctore numetre continere totum F, quam
A & C partesomnss totius E, contine- -
rent B & D partes omnes-totius F.

Propofitio 2. Theor.

) Si prima fecundafuerit itamn ltsplex
Ut tertia quaria , fuerst antem &
guina maltiplex fecunds vt fexta
guartg erit compofitaex prima &
quintafecundaita multsplex 5 vs

| Rertia €7 fexta primas

ItptimaAitamul. G 1gH1ro
i tiplex {ecundz B,
! " ficut tertia C quariz
D: quintaveroEita 63429 6
' muluplex fecundzB, ABCDE F
vt fexea Fquantz D. '
Dico compofitam ex prima A & quinta
E hoc et G, itamultiplicem fore fecun-
dz B, ficotcompofita extertia & fexta
- hoceft H, multiplex cft quareg D.
Nam quia B & D (ecunda & quarta,
\ continentur pari numcro in fingulis
¢! fuis mulriplicibus, continebantur quo-
¢ l que 4 pari numero jn multiplicibuscol- 4 1,
i1 leis, hoceltin G, & H. p
4 IO=

{
;
i
'
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AR G K By Qe G e
Propo. 3. Theore.

Si prima fecunda sta eft mulsiplex

Ut 1ETLIA QU AYIR,C5 PrImA ac Ber-

- tiafumantur agucmultiplices; erst

- mwltsplex prime  tam multsplex

Jecundr, guam mulsiplex cft mul-
tiplex vertin ad guartam.

V T fuia A continet Bicut C ipfam
Dj fi fumaatut E & F ®quemulti-
plices ipfarum A & €, B continebitur
toties in E, quoties D in F.

Nam fumere muliiplaip-
farum rA &C llxon eftaliud E : "’:
wam fumere plures A & C;
gicut ergo B & D =qualiter ABCD
continebantur in fingulis A & C, con-
tinebuntur eriam 4 zqualiter in ijldem
pari numere mulriplicatisin E& F.

Pro.

'
|

|
|
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99209490660 4690-00-¢-66:0:60 460
_ Propofitio 4. Theore.

83 prima ad [ecundam cam propertio-.
n& babuerit quam teriia ad quared;
babebunt quoguc candem rationem
aguemnlisplices primg & tertie ad
wquemwlesplices fecunde & quarty
suxta quamuss multiplicasionem,

Jumantur vt inser [¢ refpondent.

T fi A habuerit eam
ratiené ad fecidam £ F G H
B, quam ha{bc: testia Cad f ‘: ’6’ ’
. quartda D;{umptis E&G 4. 3
2qucmulny1ic§bus ipfar A B‘ cD
A &C, itemquc F & H ij(dem velalijs
aquemultiplicibus ipfarum B & D:eric
. Emultiplex ipfius A, ad F multipticem
~ ipfius B, ficue G multiplex tertiz Cyad
H muldiplicem quartg D, Nam, vtex-
,  plicuimus ad def. 5.in ratione maioris
& mineris, fiuein propostione, perin-
dectt conferre fingalas B& D, ad fin-
gulas A & C, atque B & D xqualizer
multiplicaras, ad A& C parinterfe
pumere multiplicatas . Si ergo fingule
A& C,ad fingulas B & D cadem mi?-
sefle

\ -



" ipfatum B & D. Dico fore

" rum G, H zquemultiplices,
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ae fehabent, ezdem A & C &qualiter
multiplicatz in E & G, cfunt etiamin |
cadem ratione ad B & D gqualitermul.
tiplicatas in F & H, ;
L Ongiore circuitu idem
& fic.concluditur: it pri-
ma A ad (eccundam B ficut
tertia C ad quartam D). Sum-
ptis deinde E-&F, ipfarum A
A & C zquemaltiplicibus & {
G & H =quemultiplicibus

u....—-—ﬁ\

[P
|~

-tiam E multiplicem prima
A, ad G muluplicem (ecun-
daz B, vtcft F multiplex ter-
tiz C, ad H mulciplicé quar-
tz D. Accipiantur enim K,
L iplarum E F,& M, N ipfa-

) et st

m
. m

“Tunc quiagquemultiplexcft
Epfius A, vt Fipfius C; ac-
-cepteque (unt ipfarum EF
#quemultiplices K L, 1ta er- l l
Eo multiplex eft K ipfius A
cuta L ipfius C, Badem de
caufaita multiplex ¢ft M ip~ l l
fus B,ve N ipfiss D, Bt quia | i
MN
fatom

o |

eftve A ad Bita C ad:D,ac-
cepraquefuntipfaram A, C
xquemsltiplices K, L, ip- x

[
|
|
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farum vero B,D aliz quacungue M; Nz~

crgofi- K & fuperat M, fuperabit & K g¢.defs, -

iplam N.& fi qualis,equalis ; & fi mi-

nes,minor:funtque K,L ipfarum E,F .

zquemuliplices, M vero & N iplarum

‘G,H.Eftcigo yt Ead G ita Fad H. §i ¢ 4fs.

crgo primaad fecundam &c.

Havinguam forma demenfivandipes afs. .

- Jumptag equemnlsiplices in fequentibus guo-

que propofstienibus pot eft adlberi-y in qui-

busegovtar comipendio . Nam' definisions

guinsavite perceptafacile aflequemuy caviom

| propofitionum weritatem abfque longo illo
ambitié equemmlsiplisinm. Qned femel o<~

_ vuiffe fit [atis : SR

. Corollarium.. =

Demonfivarem igitsr bos locopey aque-

wmnlsiplices, Proportioncm Conmes(am relle -

procedere , nifi exterminis nirvis gicam effés-
manifzfin.Nam fi A eft itamainy ipfo-B, fi- !
st Cpfo D, wimsiumyeft ewidens B ita mi-
_nusforeipfo A, ficus D winus eft ipfo C,
Neg; alind dicitvatio iancr(n.de qua def 1u. -
Quod fi A & C [umpta effent aqualin aus
minora ipfis B D; ¢ffes nibilominns aque
exidews proportio Cmmr/il!;guod iem etiam

,P‘V 14
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wentism: propefitions exemplid intellic
mq, inquibwsloce antecedentis [olemus
powers id qued mains oit , ¢ inxta ilind
exomplum propofitionsm declarare.

Propo.§. Theore.

Simagnitude magnitndis seamwli-

plexcfuerit ot ablata ablasa y rels-
guarcliqug ita multsplex erit 5 s
totA totsns. 7

Tquia A itamulti- B 4 F 2

plexeft ipfiusB,i- C8 D 4
cut ablata C, ablata D; A2 B ¢
eritvefidua E, refidve F :
ita multiplex, vt tota A totius B.fi enim
cum A ficduplum ipfius B,& pars abla.
ta C, dupla fimiliter patsisablate D,
aon cflet refidua E duplex refiduz F,
non coatinerentur, OmBEs partesto-
tins B, in omnibus partibus totius A, fi-
cut totum in co10; quod patet clfem.-
poflibile. Eritergarefiduarefiduaita

/mwhiylcx,vc teca totius,

i e g —

|

Pro- -

l
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Propo. 6. Theore.

Si due magnisudines dusrwm magni-

tudinum aquemnltiplices fuersnt,
(< ablatc'quddam earundem aque-
multiplices, ervnr reliqus sifdem
el aquales el aquemuliiplices,

'Tquia GaH3 [G8Hus

dugma- BroF1sLE 4 F 6
gnitudinesA, A 12 B18 [A12 B 18
B,duarumC, C 2D 3 I C2D 3
D,luntgque- .0 T ¢
muluplices , Gauferanturex A, B que-
uis #quemultiplices earundem C, D,
puta E & F; refiduz G & H cruncijs-
dem C & D aut zquales , aut zquemnl-
tiplices,Cum enim C& DintousA &
B, & in corum aliquibus parubus E& F
aqualiter contineanturszqaaliter quo-
que wcontincbuntur inreliquis G & H.
Quarerclique G & Hautijfdem C,D,
funtzquales,aut zquemultiplices.

o "'H’_z © - Pro-
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Pﬁipéﬁ 2. Theor.

Jgudlc‘:‘.‘df eandem m;gnt'milincm,

7 eadem _ad aquales candems ba- .

‘V T-G A & B fin¢ zquales et
-magnitudines , quxcrit

ritio vnius, Rutaipﬁ,us A,ad ABC
C; eadefy erit alterius B ad eandem C.
Item quam tationem habet C,ad A;
candem haber ad ‘B #qualem ipfi A;
quod manifeftum eft ex terminis, & ex
zatione conuerfa.

 Propofitio8. Theor.

Ineqnalium magnitudinum maior ad
s . eamdem; musorem habet rationem

- guamminer.Es cadens ad minerem,

masorem habet ratsonem guam od
masore seudinem.
masorem magn ;@d{mm

Vidua~

i —————
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v T duarit magnitudinum P
A & B, A maior ratio- A gé

nem haber majorem ad C,
quam habeac B minar 2d eandem C,
In{uper maiorem rationemhaber Aad
Jnigorem magnitudinem C, quam‘ad
. maiorem B. Viraque pars.patct cxter-

“minis,& cxdef. 7, & 5.

Propofitio g, Thcorc.

: _Qt_ae ud.cwidens eandein babent v

4 -tiodem ; xquales funt magmmdz-
- Besltem ad gwas unaaliqua can-
dems bales mmmu, ille ﬁmt «-
7“1’)';0- .

V T quia A & Beidem ha- 7
begrrationemad C,5iic; 4 4 3
inter (c zquales. ltem qma
Enuudqyc candem habet rationem
& B.nccellecitiplas A & Binter
I'c ¢quales cle.ef mcmrmnprop 7.Grpor .
ﬂ' Mldf’lb [

A

: H > 'Pro«
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~ Propofi. ro. Theore.

Mugnitudinum habentinm rationem
©, adecandem , qua maiorem babet, e
 maiorefl.Cam vero cadem ad duas.
o . babetrationem , ea ad quam masor:
" eft ratio, cft minor..
i TiAmaiorem. ¢ 42 | 6 2. 4
habc; rationem ABCIDEF
adC,quam Badean. © ~ ~ )

dem G,A maior erit quim B. Jtem ﬁ.D
habet maiorem rationem ad E quam.
ad P; E minor eft quam ¥. Eff conwertens.

pops. Gperfe man;lf?ﬁar '
Propo. rr. Theore..

Quaeidemeadem funt rariones., &~
“inter [¢ funt eadem.

53J iplarom AB, A B.
& 1pfara C, Dfint
cedem vni certiz iplarum B P, .crung e~
tiam czdem incerfe.. ‘

@I T firationes 4 2 ‘ g;’és

Pro,

-

e e e e —— =
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Propo.12. Theor.

' S quutcingue magmitndines propor-
L tionalesfuerint, eritus aunaganre-
cedersium ad unam confequentiums,
s5ta omnes antecedentes ad ommes
confequcntes. ‘
' VTE efAadB E roFg
fieat Cad D,erit ;
E, hoc eft omnes fi-

- molantecedentes,ad 4 3 6 3

Fomnesfimulcenfe- A B C D
quentes, ficut A ad'B v -
vel Cad D, Cumenimtota E& F fint
dinifa intotidem parces, E fcilicetin
‘K& C, F veroin B& D, quafingule
ad fingulas candem babenr rationem;
non potelt illaratio effc alia quam qua:
totorum inter fe; alias omaes parees,.
emaibus partibus aliter effent maiores.
& minores, quam tota ipla: quodfert
non potelt, cum totaaliud né fint quam
emnes (ux partcs. : .

Hae Pro~
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* Propofitio 13..Theore.

- & primm ad fecundum eam babueris

© - yationeimyquam tertia ad gaartam;

" terria vwerp ad quartam masorem

babess, quam quinia ad fextam;

masor quogue erit vatio. prims ad

- fecundam, gpam quint4. ad fex-
tam.

' Oceft,Bari- _
dem duarym 9 3| 6218 #

" proportionGfivna AB}CD |EF

.maioreft quam aliqua tertia , etiamal>
‘tera maiog erit ¢ vt i [unt dux rariones
ezdem inter AB & C D, ficautem ma-
iorratiointer C, D, quam inter E,F;
‘erit quoqac maior ratio inter A, B,
quam ioter B F; quod ¢x terminis ne-
tumeft .. o o

.PIQ:

e —
e e — e —— o ———
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Siprima ad fecundem cam habwerit
vationtm quam sertia ol guarsam, .
Jit autem prima magnitudo ma~
36 quam terisa, [ecanda gquogue
maior crit quam quarta; fEninor, .
- winer; f aqudlis,egnalis. .,

' T G Fuesic A ad Bﬁcut i .;R

B "4 i 6°3'4 2
C-““’"‘“’-“‘:"'ﬁ“.;éﬁp;

quam C; maior. quoque erit :

B quam D. Cum enim B & D totorom:
A & C ponautar efc parees fimiles, i B’
fis pars maioris A, D vero minoris C,
‘neceflario B maior erit quam D, Qued
fitotum A,toti C, aot zquale efferaue
minus,talis etiam foret pars B, refpeier
pastis D,ve fachs conftac & = 7

\\

S . (RS : e ool .
e M e Pros
A L R n et .-
: ‘- e .S’.“ . - \,_‘
;!’. I PR R PR
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Propo.15. Theore. |

Partes cum pariter multiplicibus can-
C ot - demsrationem bdm‘:.ﬁﬁ;war '

’ o eut fbivefondents -

.,H:Oc eft.Partesparine:. 32 4 6 & .
. mero contentgin fuis- A B.CD: |
votis, eandem feruantinger '
fe rationem ac totaipfa, Vemagnitadi-
ncs B & D que funtcodemnumeroin. |
totis A & C,candem intcr {c habent ra-
tionem quamtota A &.C. Nam fitora.
refolugntur in‘omnes parres fimilesip-
fis B & D,tunc qua erit ratio cuiufliber
ad quamlibet,eadem erit ratio omnjum
ad ommes,feu totius ad totum; vt perfe. |
notum eft, &ex prop.4.

Propo. 15...Theote..
© SYquatsior magnitadsnes proportionse .
. desfuerine s esiam permmsasa pros
© pertionales crunt, .
AL T
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ThicitAad-B,fiem g g H

Cad D, erit etiam' ;9 ." g 4
permutando vtAadCyita ¢, , 5
BadD, quz cft altcrma A; C D

feu permutata ratio, de-

quadef. x3. Nam cum magnitudines B
& D fintfimiles partes, & pati modoae
- Rumero congentzintotis A& C (hoc

“enim eft effcin cadem arationewecef o defss-

fe eft vtrotainter (e ita fc habeant ficue:
ill® parres interfe; cum totorum ma.
ghitudo & proportio, ex partium ma--
goitudine & proporrione confiirgat,
Aliter ; Sumptis E, F, ipfarum A, B; - .
& G, H, ipfaram C, D, quibafcunque
aquemuliiplicibus, erust multiplices
R,F, G, H, in eademratione cum fub-

multiplicibus's A, B, C,D: Quarc B,F. « r5i

G, H erilt propontionales;ac proinde fi-

B maior, b minor,aut par fit ipfi G,talis & dif g/ .

quoquecrit F ad F. Sed B, Fipfaruny
A,B, & G,H, ipfaram C, D, funt vicuns

que aquemaltiplices.Eftergo ve A cad ¢ defs-

P

He  Pior

\
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Propoﬁtio 17. Theor..

8i compafita magnitudines proporsis-
. ales fuerini, & dinifx proportsor

“pales erumt.. R

S Intcompoluemag. 8 , 4
pitudines A B, C B, ~——_
" DE,F B, proportiona- A  C B
les, hoceft, e ABad 6 3.
CB, ita DE, ad FE, emm’ .
Dico ferc ctiam diti- D F E
dendo,vt AC ad CB, ,
ita DF ad FB, Quia ¢nim tota A B,

D E,fimiliter continent parres C B,FE, .

fi czdem ille partes & (uis fingulz to-
tis auferantyr,fimiliter rurfus in refiduis
A C,D Ficontincbuntur. 4sgmeitaprobsa-

taeft Propottio per dinifioncm de qua-
Af, 16. :

. Propo:18. Theore.

8 dinifx magnisudines proportionales
Suerins s & compofisg proporsionds

© les.erumt.. ,
. Nam.

e et e e




l,
i

;- W] Amin przccdente cxemplo. quia
ol partes AC, D F fimiliter conti-
' nent ipfas CB, FE; f ha illis adiun<
~ ganwr, tota AB, D B rurfus fimiliter
b contincbuntfuaspartes C B,F E. Argae-
_t dtaprobata eff proportio per compofitics
: / nem,de quadef.x . - L

' oo PR
: S
. Corollarium... |

- Eybis inwv demonftrari poted} propos--
tio ex conucrGoncrationis: Naws iwees
- Rem exemsplooft o '
 VtABad CBitaDE2dFR.
Ee¢  divid. Vi ACadCBita DF ad FE,.
At conue, Yt CBad ACitaFE ad DF.
Ergocdp. Yt ABad ACita DEad DP.
Quapofirema oft connerfio rariomis inxth:
definitionsm 16, . -
-~ Hac tamén proportio ctiam perfe
probari poteft. Nam o !
‘ 12 4 9 3
. Qwaef, Vi A adBita Cad D,
Erit comuerflo- X2 - 3 9 6,
meyationis,Vt A ad E ita C ad F,
. Coiety emins in bac propertione iuxta dsf,
16, antocedens ad Aifferentiam terminorumn
comparany , fi Aifferentia terminersm ad-
daniny ¢mfequemtibns, avieiedintin ;m
T T sonfe-

N

LIBER V. 18+
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oonfequentibus exaquabuninr;Aeinde venf§

s jbys ita ox, is .
P e

. [uudifferentis terminorwm quafum E ¢ F,.

Jiriliter contineantur intosis A (9 C; quod
disit proportio ax conuerfiont ratienis.

Propofitiv 19. Theor.

Sifuerii ek totaad totam , ita ablate
«d ablaramy @ reliqua ad religuen

erit vt tosd ad tetam.

T fiablatg C& D E 4 Fa

fint inter fe incama. C8. Dg
tionc,quatotz A& Berunt A12 B €
etiam refiduz.E & F, vito-
tz A & B,Cum cnimablata Cita maior
fitablatd D,vt tota A, totiB; fi E refi-
dua non cllet codem modo maior refi--
dud F, alicereffent maiores omnanes par.
tes omaibus partibus, quam totumto.
so:quod fictinon potelt,

Prox

—

-



 DIBERV sy
@ e o
- Propos 20. Theore,

12

1 -

Y fnéyim tres magmiindines, ¢ slie:
/ ©_ totidem bina & binaineademaa.
15018¢ 5. €X RGN0 AWIENE PTiTIe musor.

i fucrit quam tertia ; erss & quarta:

masor quam [exia, & f aqualss, #:
qualis; f minoryminer.. .
¢ propofitio. facillime intelli-
getur exijs quadicemas ad prop.
22 qbuz huic valde eft affinis; ex prace-
dentibustamen propofitionibus Geet. -
. iam demonftrabitur, : ’
l Sint tres magni- 129 6] 8 6 4
: cudines A,B,C,&to-. ABCILDE.F
tidemaliz D,E,F,bi. . S
nz & binzin cadem. satione hog eft ve-
AadB,iraDadB& viBadCitaBad-
F. Dico § A maior, minor, aut par fic.
ip6i C, talem etiam fore D relpe&uip.
fias F, Si¢ primum A maior quam C:-
"‘Quiakrgo Amaiorcit quam C, & da-
tur alia quadam B, habebit A ad B,ma.
iosem 4 racioncm quam C, ad cand€ B, « &
Tmm oo T Eftaus
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Eft aued ex pofitis

. 12,96 ) 864
¥t A adB, figD'ad gc, ‘,

|

E&vtBadC iaE "DEE
adF:ctgo conuertendo, el vt Cad B
itaFad E; qaare D ad E maiorem b ha-

© bet rationem quam F ad B3 maior crfo

eft ¢ D quam¥. Similiter proceder de-
monftratiofi A ipfi € aut ¢quatis pona-

- qug,autminor. Siergofueringtres ma-

nitlt&diﬁqs_ &¢.

‘Neqge tantum :
vera cht propofi- 12963) 8 643
tio fi cernzkma-""* BCé l D EFH
goitudines fumantur , {ed criamfi qua.
vernz: & ' quodss alio aumero ; fem-
perenim fi prima in prioribus minor,
maior,aut zqualis cft vitimz,ita etiam
ctit m pofterieribus. V¢ fiternis magni.
tudinibus 4,8,C& D, B, F, addantur
G & H, firque C ad G, ficut Fad B
tunc omiffis B'& B erunt ACG, &
D, F, H, tetaz & teraz magnitudi-
(hes- & de his procedet demonttratio
/prins faQa,” I

[

R4 .

v -

l
t
*,

|
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- Propo. 31, Theor.

S fuerinstres magmiisdines; & alia

‘gotidem, bing & bine in éidem:
‘- [edperturbasararione s ex aquo a-
t'gni pripu maior fucrit quamter-
1i4, cris cLiam quarta maior quam
Joxta 2 i minorsminor; f aqualis,
o

Cogame g A e T
LR ARy

LY & prope~ . . .
H fizio planius . ’3.'87" 42996

intelligerurexyy, 4 B CL D EF
‘& qua parui diffeit, e
.~ Aliter; $int tres magnitudines A,
B, C, &otidem aliz D; E, F, bi-
nx & binx in cadem , fed perturbara:
ratione; hoc clt vt A ad B, fic E
adF & v Bad C, fic Dad E. Dico, &
A maior fit, minor, aut #qualis ipfi C,
" talem quoque fore D refpeftu iplius F.
§it prima A maiot,ipfa C. Cum igitur A
fis niaior quam C, & détur alia qugdam
B, habebits A ad B mdiorem ratiotiem
R:am Cad candem B; fed cx pofitis ve
dB,itacft EadF, &vtBad Cita D

adB,.
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adE,ctgoconuer- 1812 4| 2796
tendove CadB, A BCI{ DEE :
ia Bad D: quare S
E ad F maiorem habet rationem, quamy,

bEad D, Mwoceft cergo Fquam D. ‘ ‘

- Similiter oftendetur i A minor fir, ast

#qualis ipfi C, ralem quoquefore D re- |
fpeQuipfiusF. $iergofucrinttresma- .
gouitadines,&e, \

Propo.22. Theor.
8 fuerimt quotcumaine maguitudines,
@ alid taisdem bina G bine sn ca

dems ratsone [umasitir, erunt quoque
€x gqwoin cadenwratione.

VInt quotcunque 129 6] 8 6 4
onagnitndines, &, A/BrC DEF

B, C. &aligrotidem l
i

D,E,F,in eadem ratione;hoceft ve A ad
B, itaDadB, &ntBadC,itaBad F.
Dico ex zqualifore illas imcadem ra-

 tivacthoceft,fore A ad C,ficuc Dad .

Nam quia rota A & D fimiliter conti-
nent magnitudines B & E, & partes C&
F fimiliter continentur in ipfis B& B,
mccefle eft we cgdem partes C & F fimi-
: A g lives
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Yiter contincatur in totis A& D. Atqus

* étaprobata manet.Proportio ex-2quo or-:

dinata dequa defir9. Manifefinitem hine

it weritas prop.2.0.vtibi polliciti fionms.
- Alirer: Quiaoftenfum aeft fi A fupe. 4 1o ;
tat C,D quaquefuperasc F, & fimines,
minus, &c. ita-quoque b critin mqne- b def. 5.
multiplicibus : hoc autem cft quatuor
malgnitudincs A,C,D,Ecfle proportio-
~ males.

Propo. 23. Th_éoré. N

& fucrinttres maguitudines , & alig:

totidem bine G bink in eademfed

~ perturbasaratione., erant eligim ex.:
. gqueincademyatione. .~

T fifuerit,iux- 18124 {2796
ta def, 20. & A BCIDEREF .
. prop. at. ficutAad L
B,itaE adF; & ficurBad'Cita Dad Ex
ericexaquovt Aad C,itaDad F. Qua
" enim proportioné C minuirur inffa B.
" & per conlequens infra A, cadem pro-
"pottione D augerur{upra E & percon.
“fequensfupra F;' quare A ita maius ckit.
iplo Clicar Diplo E.. ~ ‘
, - Aditer:

~
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~

- Aliter: cum pro~

|

- bavam fit , & fi:A fa. xs:z% l 1796 |

* perar €, D quoque DEF

fuperate ¥, atw minus effe,&c. itaquo-

-:queeritin equemuliplicibus . -Quare
ceft ex wquo vtAad C,ita D ad F, 4&-
V- queheceft Propomocxgquo pettacba-

:a,dcqudef 20, - .
Propo 24. Thcorc. )
S5 p‘-}»m ad ﬁmndam fnmt o ter-

tia ad quartam , quinta antem ad
fmmddm cam babeat rationem
qumjéxm ad quartam 5 habebis
‘compofira exprima & quint4 cam
rationens ad feciundam , quam ter-

) m ey ﬁxm /imul td guarmm.

~

thmmfc- N t
) chndn B eﬂ: w0 42 | 315

* talis pars fin

‘EAB CDF

. mmA&E pnmz ‘& quinta, qualiseft
- quatta D ﬁngulamm C & F, etit quo-

ie'B t,allf pats cqllcﬁarum AKE,

- guahs & xpﬁuum CcC& Pan numero

.-

&modocollc&axum.
" Pro-

5
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Mww#wwmmw
Propof' 1cio 25. Thcorc.

t utmrmn;mmdm: propomm‘- -.
s fherint o indxsma iwm mmm

iy

d:ubu.rnr 4aurmntmmrn s

..

S Inc qua:uor

magnxtuds~
fics proportio- 4
"nalesaB, CD, g .
" B&F. choAB N D‘
maximam, cum .
; minima F, ma- . 32 l
. iores cffc dpa- .8 H é
* bas fimol rcli- 4
-quisC D &E, ,
Sumatur enim | ,
AGequalisipi A RS AR 3y
B, & C Hipfi F. Quiyergdeltve A8
ad.CD iaBad Fycfique A.G iph.E,
& CHipfiFg ualns esitveABadC D,
ita A Gad CH;hoceft vitora' A'Bad
totam C D,ita ablam A G ad #blicam )
CHurcliqua igimr G.B.a. critad relic:q 4y,
quam D H vetota adoram: B} eutsng

A Bma-

4] .

F—
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ABmaiotquamCD, p
€rgo smaiot queque -
BGquam D H.Ca. 4
quecAGipiB&CH ¢ 1
ipfi F equalis fit; pa- - :
geseruat AG & F ip-
fis C H & E.Iam ¥c-

o
I

additur G B,ipfis ve-
20 C H & E additur *
D H minus quam

1

G B,eryntpoftaddi- A 'C E F-

tioncm A B & Fma- .
iores,quam C D & B, Siigitur quatuor
maganitudines,&c.

Qua foquuntwr propofitiones won funt Ex-
didis, fed ex Pappe Alexandrine , ¢ 7‘: :
neveffs-

adiecla;quarnms corte non cfimagna
24 3 amtecedames vite fint percepta,
Propo. 2.6. Theor..
85 prima ad[etundam maiorem habue-
¥it rationem-q- am serisa ad quar

+ tam 5 -habebss comuertendsfecunda
_ad primam minorem rationt; guem

. quaria ad seriiam.

OceftfiAcftiotum 8 4| $3
‘maias zefpeltu ip. AB % D
e ' us

e —— — o _,_,.
" e P Y aadman < 3: ea
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fius B,quam Crefpeétu quarte D:eric B
winor pars vefpectu ipfius A, quam D
te(pe&u ipfius C, quod pezfe eft cuis
, dens; dncomginesur in prop.4.
| Propo.27. Theorema.
83 prima ad fecundam maiorem vasio-
, membabuerit, quam tertid ad quar-
| 1am;_babebir permutando prima «d
| Sertiam masorem yatsonem, quam
Jecunda ad quariam.
B Via enimD goni- 8 4] 3
., Lo turparsmaiorto- A B} CD
, tius C, quam B rotius A;
.(pos potefl pars B fupra partem D ran- .

“ gum exccllum habere, quantum habet-
totum A fupratorum C.  ~

_ Hancquoguepalam oft prop.16.contineri,
| Propofitio28. Theore. -

\ 85 prima adfecundem maiorem habne.
\  vstraionem, quam seriia ad quar-
tamyhabebis prima cam fecunda ma-
sorem rasioncrs ad [ccundam, quam
17154 O quaria 4l quATSAD. N
am
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NAm.qplaB:eﬂ: Eis F 8.
N minor parsipfius pwAve fum

A quamD ipfiusC; i 8. 4§ 3 -

viraque femel adda- A BC D .

tur, tam Bipfi A, quam Dipfi C,

adhuc B minor pars erit totius E, quam

D otius F. o T
Continetur prop.18. .

Px_'dpp'. 29. Théér@ﬁiﬁ.'

8 prima & fecunda ad [eeundam ma-
© sorem babeant vatsonem, quam ter-
414G quatiaad quartam; habebit
etiam’ dimdenido prima_ad fecum-
dam masorem vaisonem, quam scr-
tiaad quarsam.

: N Amin exemplo (uperiore . Quia
E cft'maids totumrelpe@u parsis
B, quam FrefpeGuipfins D, fiverague
pars cx (o toto rollatur, A refidvumex
B, maius crit refpe@u ipfivs B, quam
‘Crefiduum ex F,relpe@u ipfias D.
Continatur propry.
el e SEUE R P‘ro‘
.t oA Lo

R TS S Y
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| Propofitio 30. Theore.

_ masorem yassonem habeant , quam
‘tcreia & quaria ad quarsam,babe-
bunt per conyerfiomems ratsonss pri-
ma O [ecunda adprimam mino-
Tem YALsenem quANS LCT1IA ' quare
taad terviam, )

y
:
) 8i prima & fecunda ad fecundam .
{

| N Amfitotum Emaius eftrelpeétn
P ipftus B, quam F refpetaipfivs
' D: Bmineretic pars fpfius E, quam D
! totius F. quare refiduum A maior erit
. pars totius E, quam refiduvum C totius
;- F. Hoc autem idem eft ac fi dicas to-
1um E minorem: habere rationem ad
. primam A,quam totum F ad ecrtiam C,
| Comtinetur prop.19. ‘

-

I Pre
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Propo. 3r Thcorc.

Si fint tres magnisudines, & totidem
alia,babeatque primapriorum ma-
sorem rassonem 4d [ecundamygriam
prima pofberiorum -ad fecundam ,
Secundaisem priorsum maiorem ba-
beat adtertiam,guaminpoficriori-
busfecundaad tertiam , etiam ex
#q%0 habebss prima, priortm maie-

rem rasionem ad tertiam quampri-

ma poffcrioram ad tcrtiam.

\N Amfimagni- 16 8 4! 953
tudines ille ABC(DE F
fint ABC, DEF, <
permutando eas proportiones qua in
propofitione ponuntur,
Eritmaior - AadD quiBadE,
Et cadé ratione maior Bad Equi CadF,
Quaremulio maior AadD quiCad E,
Ergo permut.maior AadCquiDad F.
~Continetur prop.2.0.¢5 22, .
Pra.
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_ Propo. 32, Theor.

51 fint tres magmtudzm’: & totidem
alm, ane maior yatio prime pris-
ram 4
- da poferiorum ad tertiam:1 temjé-
" eunde priorum adtertiam, maior

l gwam prime poftcriorum ad fecun-

’ dam:erit esiam ex #qso maior ratie

anﬂ priorum ad teriiam , quam

pr;m.f pefieriorsm ad tertiam.

Int ille 168 4709 64
magnitu- A BC|DEF GH
! dinesA,B,C

D,E,F, ﬁtqueprqtc:ca vt QadE ira G
| adC &vtEadF, naHad G, colloca.
bunturque ternze & ternz maghitadie
nes D, E, Fﬁ-! G, C,in cadem fed per.
tutbata ratione; cmque aczzquovi D
adFitaH ad C.

ad C, maior esit & ratio, ipfius B ad C,

Ia G &

quam GadC, 1dcoqnc B maior cltqua‘

Jecundam o quam fecun~

« 33 .

Nuncvero quiaeftyt DadE, itaG

b hyp.



196  LIBER P,
G, &per 168 419 641-69
confequés A B C|DEF|GH
- fhaior ra- - :

tio eftiplius A ad G quamad B:eft au-

tem A ad B, maior quam Ead F, muleo
crgomaioteft A'ad G quam Ead F.
Rutfus quia ¢ft Had G, vt E ad F ma-
iorerit A ad G.quam H ad G;- gquare A
meioreft quam H, & per conlequens
maioteft A ad C, quam H ad candem
C. Scd oftenfum fuiteffe ve Had C, ita
D adF, miior cftergo ratio ipfias A
ad C,quam ipfius D ad F:quod cft pto-
pofitam. - -
Contineturprop.at.or 23,

Propofi. 33. Theore.

Si torta ad totam maiorem rationem
babuerit,quam ablasa ad ablaram,
habebis & veligna ad reliquam
masorem vationews quam tets Ad
toram. ’

7 T fitotum A ad to-

E8iF;
itum B maiorem ha. € D3 -
' ads|Bé

®tar rationem, quam ab-
latqm C, ad ablatum D;

N

maio-
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maiorem habebic refiduum E ad refi-
duum F, quam totum A, ad totum B,
Nam ficut totam A eft maius toto B,
ita omnes fimul paztes, omaibus par-
tibus . Qaiaergo pars C minus {uperat
parsem Dyquam'totum A totem B; re-
fidua pars E debet magis luperare refi.
duam F,quam rotum A totum B, ve ex-
eeffu maiore ipfius B compenfante de-
feGumipfins C, partes C & B itafine
majores partibus D & F, ficuctotum A

.maius eft toto B.

Congimetwr prop.18,

Pro'pof 34. Theor.

"Sifint guotcunque magnitudsnes, &

alia totidem, firque maior razio pri-
me pricvam ad primam pofierio-
rum, quam [ecanda ad [ccundam,
& bac maior guam tertsa ad ter-
tiath &7 fie deinceps: babebunt om-
nes fimnl priores , ad omnes fimul
pofleviorcs,maiorems rationem,qmens
omnes prioresveli&a primgad po-
Seriores emnes prima firilsrer 1 -
13z _ b
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- reliBa; nansyem antem gaam pi- -

*'md priorams ad primam pofteriv
- 'rumi maiorem tamen guam vltima
- -priorsm ad vhismam poflcriorsem.

Slniquo'tcuh- 18 416 g3

quemagnitu- A'B C{D EF
dines ABC, & S
aliztoridem DRF, ita fc habetires ve

" ptoponitur. .

QuiaergomaioreftAad DquiB4dE.
Erit permuta.maior Aad B qua DadE.
Eccoponen,maiorABadBquaDEadB.
Kt permut.maiorABad DEquaBad B.

Quia ergo maioreft tota A B ad to-
tam D E, quam ablata B-ad ablatam E,
maior erit 4 reliqua A ad reliquam D,

-quam tota A Bad totam D:E,.

Eadé ratione maiorerit Bad E qui tota BC
ad totam E F.
Multo ergo maioreft A ad D qui BC ad EF.

- E:purmuta.maior  Aad BCquam D ad EF.

Et cdpo.nfaior AB Cad BC qui DEF ad EF.
Et permu maiot ABCad DEFqui BC ad EF.
quod erat ptimo loco propofitum,
Nuncvero quia maior efttota A BC,
sdtotam DEF, quam ablata B C ad
ablatam E F, erit & maior reliqua A ad
reliquam D,quam tota A B Cbadtotam
D E F; quod csat fecundum,

Deni .
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'Denig; quiz maioreftBadEqua CadF.
Etic permura.maies Bad CquaEad F,
Ercompo,maior BCad Cqua EFad F.
Etpermut.maiorBCad EFquaCad F.
Often(a eft autem maior ABC ad DEF
quam B Cad EF.
‘Mulie ergo major et ABCadD B F
. quam CadF. ‘
Quod erat tertio loco propofitum.
Radem methodo procedetur fi qua-
ternx proponantiir magnitudines,. aut
aliz plures quacunque numero.

v r

I4 - EVCLI-
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Elementorum

LIBER VI
Definitiones.

H :(“1('" Imiles figure re&ilinez

%_%‘Funr, qu§ fiagulos angu-

: ﬁ los fingulis zquales ha-

bent, & lateracirca #qua-
lesangulos'propomona!ia.

V T triangula 4B C, A D

DEF, evant fimiisa, f§ A .
fngnlos angules fingulis ba- £ Ap
beantpares , hoceft 5 angulus CE _
A angulo Dy angulivere B¢ C, angulis
E, 0 F fins aqualesiitern filateracircas:
gunles angulos (int proportsonalia, hoc et
ffitut. 4B ad AC. isaDE ad l[)F
- {has



-
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(Fas enim latern funs civea aquales angulos
A D) rvi 4 BadBCyta DE,ad EF;
ac deniguevs 4 C ad CBita DP sdFE.

a Reciproce figore funt cum in vra-
quefigoraaniccedentes & confequen~
tes termini rationum fuerin, =~

I I Oc eft figuraveciproce Ap
Swnt cum in vna figu- A o )

ra "P"f’f’f’ mmedm; vEHS L EF
Proportionis, cuins confequens

eftin fequnda; v cum & contya antecedens
alterius fimilss proportionis eff in fecunds
figura , cuins confequens et ipprima; vt
triangala ABC DEF, enntreciproca, fi
fueritvt ABad D F;i1aDE ad 4 C, tunc
enim Antecedens prime proporticnis vepeyie
tur ntriangslo primo ABC ¢ in alicre
et conlequcnss, at fecunda propirsionis an-
secedens eft in [ecundosriangulo, confequens

" in prime.

3 Exiurema ac media ratione re@ali-

neafedtaefledicerur, cum eft vi tota

ad maius fegmentum, ita maius feg-

mentum ad minys, ,

Qe rect® AB evit feitmin Ciextres B
ma acmedisratione, f§ fuwit vt cl

| 20t4 AB ad masus fegmentis AC.ita  p,

AC mains , ad C B minus fegmen-
- Ip 4 Ali-
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4 Alitudo cuiufque figarz cft linea
pespandicalatis. & vertice ad:bafimge-
duéra.

V T triangwliABCal- = , ¢

titudo et AD, duita ¥

pevpendiculariser & wertice: Cﬂk}‘c
#adbafim B C. Item tyian- . - D, ’
gwli EF G, altitude it E H, extratrisn-
. gulum cadens in bafim FG produciam in H,
§. Ratioex rationibus componi dici-

wr,. cum rationum quantitates interfe -

multiplicatz aliquam rationem cffece-
rint.

Quantitutes vationum non. [unt alia
guam mumeri 3 quibus Aeominatur pro-
portio: fic 3. eft guantitas propertionis tri-
ple, 2. Aupls, doc. Ratio ergo ex vationibus
componitsiy , cum-Aemominatores propore
sionum inter fe multiplicats aliqusen pro-
portionem efficiumt ;. vt exrations Aupin &
sripla’ componituy fextupla ; nam denomi.

_nagorduple qui off 3.cy denominatertri-

plequiclt 3. inter fe multiplicasi facinat 6, |

Aenominatorem proportionis fexinpla com-

pfita,

D o~ P e e .
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- Propofitiones. .
‘Propo. 1. Theore.

7 fiangula o pamllelogmmmd,guoﬁ;
- eade pi altitudo,baben: [¢ vt bafts.

BN Int wiangula ABC, F_AL
s A CD,habentia eandé

- altcudinem s A C, item pa- = adefigy
. rallclogrammaFC,G E.ha. B C

bentia candem altitudinem A C, Dico
illainter fe habere proportionem quam
habent bafes BC, & CD, Cumenim-

- triangula fint conftru@a intra paralle-

las BD,EF, (ficut poifunt conftitui:
inter parallelas quacanque alia trian-
gvlaeiv(dem altitudinis ( fibafes C B,.
& C D, fint #quales, erunt & triangu--
la & fuper illis bafibus zqualia.Quaod fi b se:3s.
bafis C B, maior cffer, autminor bafi
C D, cffet quoquertriangulum AB.C;. -
maius aut minus triangulo A C D; &
fic quoque eric fumptis zquemauleiplis .
sibustam bafium quam triangulorums:
Le | pam
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~ mam perinde cft conferre ﬁngula adfin-

b 3¢.1.

e 15.5.

437.1.

_ Qaelfe proportionaliter; hoc

gela , atque patiter multiplicata ad pa-
rer muitiplicata,quemadmodum dcfi
nit. ¢, hb. g, explicaamcft . Suntergo

ariangula AB C; A €D, inter (e veba-

fes CB,& CD.

Iam vero fi triangula fint vt bafes,.

etiam parallelograma : 6 nam hzc funt
duplarriangelosum, partes autem gque.

‘maluplicizm cincadem funcrationc at-

- que ipfa quemultiplicia. -

" Propo. 2. Theore.

Siin triangnle ducarur relia lateri

parallela; fecabis. proportsonaliver
relsqua esufdem trianguls later 4. Es

- fsvianguls laserafeéa fint propor-

tionalsser reClaper fecltoncs duiia
rerso larers erat parallcla.

“Niriangulo A B C,ducatur A -
D E,iph B C, parallelazquo  p (g
fa@o dico latera & B, AC [le- ﬁ

eft, ellicve AD, ad DB,uta AE, ad

E C. Dultis enim te&is BE,C D, se- -

runt wrisgogulaBE D, D C E,in cildem
| pasas
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parallelis qualia;é % habebunt proin- & 7.5

dc .candem rationem -ad gtiangulum

ADE. ¢Scd quam proportionem ha- ¢ 1.

ber uiangulum A D E ad D E B, ¢an-
dem habet balis AD,ad DB (com
tnangula fint in cadem altisuding,quam
oftenderer perpendiculatis quee ex E
duci poteft ad A B ) & quam propor-
ttonem huberidem triangulum ADE,
adiplum CD E, candem haber bafis
‘A E,ad bufim E C;Cum e1go oftenfum
firambo triangula DBE, D E C, can-
dem habererationem adipfum A D Ey
bales quoque B D, EC, cindem ha-
Rebune proporiionem ad latera D A
& EA.

Iam vero fi latera A B, A C, propor-

tionaliter {ecta fint, cum fic ob candemy™

" altitudinem vt A D ad D B, ita trian-

gulom A D E dadipfum DE B; &vt d s

AEadECitaADEadiplumEDCs
ficatin cadem ratione ponitur eflclace~
saAD,DB, & AE, EC; cruatctiam

triangula DBE, DEC in cademra- -

tioncad triangulum A D E; Erumc cr-

goe wiangala DBE, D EC intes (e ¢ 9.5,

#quala ; cumque habeant candem ba-

fim D B, crunt feonitutainter paral- f 1.5

lelas:parallelz ergofunt B C & D E. Si
ergoia trigagulo ke o
. Pro-
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7 e < b

a3

) Tkianguli ABC,anguluss -, E

- Propo. 3. Theore.

Si trianguli angulus fecesstr bifariam,
O reila angulum [ecans fecet &
bafim, babebunt bafis.partes can-

- demvationsm-quam religua 1vign-
guli larera . Ex f paries bafees
candem babeant rationem” quam
relsquainter f¢ larerarcita & ver-
ticeadfelFionem bafeos ducta ivil:
gols angulum fecabst bifariam-

B A C, bifeceturpet re- A
&am AD; dico efevi BD gpe

ad D C,ita B A;ad A C: per
C, enim ducatur C B ipft A.D. paralle.

-la, cui BA produéta occurrat in E..

Quia ergo intriangnlo BEC,re&a DA
ipfiC B, cft parallcla,crit icut B D,sad
DC,ita BA,adAE, feuad A C, qua
ipfi AR ¢qualis eft;8i ergo triangulian.
gulus &c, effc autem retam A C =

Qualem ipfi A B,fi¢ oftcndo, Quia redta:

¥ AC.aa-
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A Crangit parailelas AD, EC, angulib & 29.7

¢ aleraiCA D; A CEfunt zquates;é& « 391

' quiare@a AE,; tangit ealdems paralle. '
las, a?g.qlus externus B.A D inretno &

. eppofito A E C, eft zqualis : funcergo-

. anguliAEC, A.C E, zquales; cumo-

, fteafi fint.zquales angulis zqualibus. - .
BAD,& D A C;quarelatcra A.C, AE, i
dfuntzqualia. =~ - - © 4ok

i fam verofieft vi BDad DC,ita B A,

‘-~ ad AC,educi v prius CB,parallcldip- "« a.6.

, ‘fiAD, eritvtBD,adD-C,ita BA ad
A E; fequales ergo funt AE&AC, fo.s

£ quare anguli quos fubtendunt nimi- & 51

rum A E C,A G E {unt xzquales:fed hos

oftendemus ve prius effe gquales angu-

lis BAD, DAC; funt ¢rgo anguli

B A D, D AC, paresinter fe;ac proin-

¢ deangulus B A C (eus cft bifariam, Si

-ergo trianguliangulus &c.

¢

N

Propo. 4. Theore.

Equisugplorsm triangulorum latera.
N\ circa xquales avgules funs proper~
‘ tionalin,¢s laserd aqualibus angu-
I [ubtenfafunt bomeloga. ~

- Tsiams-
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'1 Riagula ABC, UEF . B
L fim xquianguls,ita X i_:_“lx‘j
veanguli A& D B&E, AéCDF

‘C &F. fingulr fingulis 2-

qualcs fint. Siagituriatenbus D B, DF
ciroa angola D, fumanturcirca equa-
fem angulum A zqualia larera A G,
AH. ducaturque H G,triangula AGH
DET eruntiuxta 4 1. & tecte HG,
B C, aparallelz, cum angulusinternus

- Cymqualisficipi Fhoc cft angulo’ex-

teeno MG A.Entergobyrta Bada H
fecuad DE. 1ta AC ad A Gleuad DT,
Er,inqua, Ve ABad DB ita ACad BR
Etcpermut. ViABad ACitaDEad LE

Quod eft latera circa zquales anga-
los effe proportionalia. Eodenimodo fi
{umantur BK BLipfisE D EF ®qua-
lia.cruntiriangula BK L, D EF, iuxaa
4.1. & K L,A C, parallelg, & cadem me-
thodo eftendeiur larerz circa zquales
angulos B & E proportionalia; ficat

euard cif ca @quales anFulos C&F,fiad

iter triangalum .
_zquale ipfi EF D. Sunt aurem Jn bis:
* proporionibus latera homologa qua:

angulum C fieret fimi

z%niljbus angulis fubtenduntur, nam
iy

AB & DE, qug font (ub #qualibus an- -
gulis C & ¥, ambo funt anteccdentia;
— o & alia .

ESEN

|
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- & alia fimiliger . £quiangglorum igi-
- tur &c, ‘ S :

Propofitio 5. Theore.

o iduo frizngula Lasera proporsionalin

babwérint,erunt aquiangnlay eof-
que angules babebumt aquales,qwi-
« bus homologa latera fubicndwmiar,

E S T ¢onuertens prz- D A
cedenus. V¢ fiinian- Anéc
ER G

-gula ABC, D E Fhabent

lareraproporiionatia hoc ,
eft,iftviABadAC,taDBad DV,
&c critetiam angulus A angulo D, z-
qualis, &¢. vt valt propofitio, Confti-
tuantur enim ad reCtam B C anguli

GBC, G CB,ipfisE, & F, xqualcs; 4 » 383

vt proinde etiianguolus G, angulo D, fi
gaualis, vnde (equetur triangula BGC,

DEFefte zquiangu'a,b & corumfatera b 4

proportionalia. Tune veroquiza DE &
DFhabent eandem proportionéad AB

& AC,quamad G B & G C, cnecelle 7 95

cit ABipfiGB, & A C,ipli G Cqqua-
lem effe,cumq; B C fir coqgmunis, tota
: trian-



‘% 331,

" be

s,
4 9.5.

€ 51

o ;
£ mé oftédimus zqualé cflc angulo F hoc -

~ elt,minotrem re&o,cum angulus Fpofi.
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" aut vterque non minorre- A P

&oerunt; hazctriangula z- GK ol

quiangula $int primum ter. [ CER
tijanguli C & F vterque miv

norse@o: quodfituncnegasangulos
ABC, DEF, circa quos latera (unt
proportionalia, effe zquales, fit maior

A B C, in quo conftituatur A B G,iphi |

D BF xqualis, cumque in triangulis
ABG,DEF,dvoanguliD & E,duey
bus A, & A G B, fint.zquales, gtertivs
‘F, tertio A B G eritzqualis, ac proin-
- detotatriangula ®quianguls. & Efter-
govtDE,ad DF, velvt AB,ad BC,
feam cx hypotheli cadem cftinter vira
querario)ita ABad B G;effercergo

ficar AB,ad BC,ira AB,ad BG, {

Guare 1e&x BC, B G, cilent axquales
¢ & conlequenter ‘pares crunt anguli
BGC,8CG; &cum BC G pofitus
£t minor re@o ctiam B°G C minor erit
1co:li crgo B G C,eft minorreo,an-
ulus BG A maior feritre&to,quem ta.

tus it re@o minor s idem esgo angulus
B G A effce maior & minorre@o, quod

- eft abfurdum. Noa pollunt crgo anguli

ABC, BEF cfleinzquales, quare &
westius F, :cx;io)A C B zqualis erit,

- & trjan-

_—

o~

AV RS 3
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& twiangula 'ABC, DEF, zquian.
gula. . _
Quod firerrij anguli C & F, ponani
‘1 viesque non minor refto, acgetur
amen angulos E & A B C, <ffe ¢quales
mtfus prebabitur rectas BC, BG, &
ingulosB G C, B C G, cfle axquales; &
‘cum pefium fit hunc non effe mino«
‘remreto, nedilic efict minorrelto g g 47 1.
:Iqu'od eft abfurdum nam in triangulo:
'B G C, eflentdud angli re&i,ant tetis
maiores.Siduo ergo triangula &c,

| ’Prdpo[\itio 8. Theor.

' Siin triangulo yellangulo ab angule
« * veikoinbafim dulla fit perpendicn-
| Laris,qua ad perpendicularem funt

txiangulatum torisriangule, tum

snser fe funt fimilia.

j NirianguloABC fit = A
‘ ; angulus B A Cre&tus,”
_&exAadbafim BCduca- gp C .
.t perpendiculdris A D. .
|Quiacrgeintrisngulis ABC,ADC,
‘languli BA €, ADC re@ilunt, & ah-

gulas C communis,atertiis AB Crer- s 321,

\

-
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pom, qua citinter partes ipfius A B,
candem quoque cfle inter partes lincz

. -A E.Daramergo reftam &¢,

Propo.-11. Proble.

15 duabus reles tortiam propertie-
nalem inuenire.

S ;
mrz re&txAB,ACan. £
gulum qucmuis con-. ¢
ftituane, pura B A C, iunga-
turque reda C B. Mox pro- - ABD
duétis lateribus A B, A C, fumaturipfi
A C ®qualis B D,.ducararque D Eipfi
B C parallela; eritqueredta C E remia
proportienahs qualita, NamquiaBC
1pli DE eft paralicla,seritve ABad BD,
itaACad C B; eftautem BDipfi AC

. &qualis; 6 Eft ergo vt AB ad AC,ita

A Cad CE;quodeftredam CE clle
gertiam proportionalem, -

Propo.12, Proble.

Tribm dasss reflis quArLAm propeartie.
walem inmcnsye.

4 ) DIQ‘
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D Vz qualibet ex dats, E
puta AB &BC, in - T+
diretum collocentur, tertia s
vero A D, cumipfa A Can. AB
gulom vicun que conftiruar, iunétique
re@ti B D,agaturipfi parallelaC E;erit-
que re@a D E quaria proportionalis
quazfica, Nam quia ipfi CE parallela efk
DB,scritvt AB ad BC, ita A'D; ad
D E:Tribus ergo datis A B, B G, A\D,
inucnta cft quarca proporcionalis DE.

.

Prdpo. 13, Proble.

i Daris duabus reEis mediam propor-
. tionalem inuenire. '

5

Y Atg te&tz AB,BC -
. in dire&um collo- f .
¢ centur, & fuper AC c8lti. <=
i tuatur femicirculus ADC:
nam ad punélum B excitata perpendi-
cularis vique ad fc@ionsm (cmicirculi
in D, eritmedia proportionalis quzfi-
ta. Dulisenimre&is A D, DC,merit » V";
angulus AD C,reétus, & a vertice D,ad
balim A C du@aperpendicularis D B.J 4 ¢,
Quare inter partes baleos A C, media

proportionalis et DB. -
l ) . X PXQ:
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- Propofi. 14. Theore.

Agualinm & unsm coni angulum
aqualem habesium parallelogram.
morum reciproca funt lateracircs

. #quales angwlos : Et quorum luters

- corcaronum angulum gqualem funt

reciprocas ca parallelogramma fune
wqualia .

IntAE,EC, parallcb[lo. AF

ramma =zqualia, ha- :'
bcn%ia nngulo:l adExqua- P 2
Ies, atqueita collocentlr, <
vtdatus B B,lateri D E iaceatin dire-
@&ii,ac proinde ctiam G E,ipfi EF:nam
quia angulus FE B cumiplo FED valer
aduosre@os, &anguliBED,BEG
@quales ponuntur,angolus F E B, cam
BEG valenr duos rectos ideoque
GEF cftvnicare@a. Dicoigitur efle
vcDE ad BE,ita G E,ad EF,Perfc&o
enim parallelogrammo B F, cam paral-
lelogramma A E, E C, fint zqualia, fi-
cut & youm corum,puta AR fc haberad

B F,itaaltcramE C adidem BF; fed v

AE ad
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AR, ad F B,itacftlatus DE,ad BE; &
vtEC, ad FB, ita latus .GE ad EF, e1-
goeltve DEadB E,itacGE ad EF,
Quod erat demonftrandum.,

RN

"E conucrfo autem fi ponantur latera

circa zquales angulos ad E efle reci-.
proca,oftenderor parallelogramma cf-
fexqualia,nam ficit ve DE ad BE d ita
G Ead E Feritciiam viD Ead BE,ita
AEadFBjitemvti:GEad EFsta EC
ad FB, quare cft ctiam vc AE ad FBiita

d 1.

¢9.5.

E Cadidem F B.Parallclogrammaigis -

tur A E, E C, funt ®qualia.
Propo. 15. Theore.

Aqualium & conum uni-angultm
#qualem babentsum triangwlorum
reciproca funt lasera.Et quorum la-
tera circa gquales angulos funs recs-

- proca,ea srsangulafunt aqualia,

PA:ct propoﬂnc}ci pre. ¢ o 4

cedente ; nam "trian- :;f:::v'i
gula funt dimdiuvm pa. 2 <

rallelogrammorum , qua
{ub. duobus latenbus trangulorum
aquales angulos ¢ontincntibus de-

K2 © 0 fenbi




i

220 LIBERPL

feribi poffunt; queergoelt ¢ y i
Tatio parallclogrammorum i—ﬁg‘z
& lacerum | cadem cfttrian. & 75

ulorum; ve fi fint- trianguia

xquaka ABC,BDE, quibus quales fint
anguliad B;ponater BE ipli A B, in
dirc&um, & cx canfequenti DB ipfi
BC,perficianturg; parallelogrima BG,
B F., Tuoc vero per preced. erunt. la-
teracirca angulos ad B, reciproca , que
-¢adem (unt latera triangulorum, Badem
methodo - demonftrabitur  polterios
pars propofitionis, -

‘Propo.16. Theor.

Siquarnor liner propersioneles fuc-
© yimt, ewis quod fiwh extremia conti-
newwryellangulum., aquale ci guod
- fubmedsjs . Et fireliangulnm fub
exerenws aguale cff. ci quod (ubme-
dijs, quarser illg lineg funt pro-
porisenales.
Int quatuorlineg A B,
S CD?CF; AR, prgo?or- h Tj
tionales:quarita collocen. - M. <

tr vt AE, AB, & CFs. < -
r CD,1c-
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C D,teitos angulos A, & C,contineat, .
compleanturque parallelogramma BE
& D ¥; quz dico efle zqualia:pam late-
‘racirca zquales angulos A & C, reci-
procantur ex hypothefi. Sent sergo

parallelogrammawequalia;quorumB E
fub extremis lncis, DF fub medijs
centinetur. :

E conuerfo £ fib ij(dem lineiscon-
ftituantur paraliclogramma, angulis A
¥ C cxiftentibus re&is, caque paralle-
logramma fint #qualia, scruntlatera ¢ ;4

" circaangulos A & C, reciproca,hoc eft
eritve ABad CB,ita CF,ad AE; fi
ergo quatuoslinee &c. o

\., A

:'. . .. Propoﬁtio 17.. Theor. .

3 tresvella proportidnales, fuerint,
" gttod fub extremds continetnr re-
Gangulum , aquale cff quadrato
r qwod & medsa defcribitwr. E1
' quadraswm A media deferipeam, - -
rellangule [ub extremss cf agus-
le s proportionales funs tres illa:
*linea,

K3, . Sine.
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- SlnnreslinchB,CD. . E>»

BE proportonales; [ 3 =
ideft,vc AB ad CD;ita B
CD ad B B, fiatque fub cp

exeremis AB,B Ece@angulum A E &
media DC quadratum C F. Quix ergo
eft ve AB ad CD .ita CD,velilli 2qualis
DF, ad B K; eruntquatuorre@x A B,

. CD: DF. 3-E proportionales;arectan-

%ulum ergo CF quodfub medijs CD,
F, conunetur ( hoc eft quadrarum
CF) =zqualeelt ipfi A E, quod conti-
netut {ub exiremis AB,BE.

" E conuctfo fi quadratum mediz
C D re@angaloe {ub extremis @quale
ponatur, oftenderut tres illas lineas gf-
feproportionales, vtin prop. prace, Si
ergo cres re&tz &c,

Propo.18. Proble.
Super data reita, date reétilineo fi-
r;'rle, Limiliterque pofrum deferi-
€.

it
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) It dara reta AB, p £ " .
NP dacom re@ilincum N
CD, in quo ducarur reéta Fes yy

EF. Deinde ad punéta A
& B re&z AB conftituantur anguli

A& ABH xqualesiplis CE CF B; #0335

erit proinde reliquus A H B, religuo
C E Fzqualis,& triangulatota A H B,

CEF aquiangula b & latera proportio- ¢ o

nalia.Amplinsadpun@ta H & B reéz
H B conftuivantur H B G, B H G,ipfis
EF D, FED =zquales,& proindereli-
quus G reliquo D erie ¢qualis, & trian-
gula, veprius, zqui:mgula, lazeraque
proportionalia. Eifa@um eft qued pe-
titur, Nam cum triangula partialia re-
&ilincoram A G, & C D oftenfa fint
omnibus angulis zqualia, & omnibus
lateribus proproportianalia, funt ez fic
Eutz fimiles, & fimiliter pofitz . Quod:

re&ilineum datum plures angulos
quam quatuorconunerer, pluries effet
repetenda zqualium angploram coa-
fruttio, plurtbus quam duobus trian-~

gulis conftitutis,& demonftratioprace-

det ve prius.Super dara ergoreta &c.

K 4 Pro~
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T B e G S B B
Propo. 19. Theor.
Similia trienguls funt in duplicaté

vatione fuorum laserum bowolr-
Lorum,

IntABC, DE Ftrian- D
a2 gula fimilia, habentia ' A ﬁ

_ tresangulos, fingulos fin-

gulis quales & latera cir- FECGE
cacos proportionalia : ita veanguliB
E &aljalijs fint aquales, Dico trian-

& defive, gulum ABC ad DEF, duplicatam 4 ha-

cce cam rationem, quz cft inter queuis
latcrahomologapura B C, E F. Suma-
turenim ipfaram B.C, E F, & tertia pro-
portionalis B G, vt fie ficut B C ad BF,
1ta EF ad B G; ducaturque A G, Sunt
ergo cx poliris,
. VitAB ad BC,itaDB ad EF.
Permur. Vet AB ad DR itaBC ad EF.
$c¢d Ve BCad EF, itaEFcad BG;
Triangulorum igitur A B G, D EF
latera circa gquales angulos B & E faue
reciproca, d ac preinde triangulailla
funt zqualia, Et quiacftvt B C ad EF,
iraEFad B G , habet BCadB Gdu-
. o plicas

P’

e
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plicatam eam rationem quam habetad
E P. Vivero BC ad BG,ita eft triangu-

lum A'B C ad triangulume A B G hoc ¢ .-

eft ad DEF:quarc A B Cramad trian~
gulum D EF,quamad A BG duplica-
tam haber eam proportionem qua cft
inter latera homologa,BC & EF. Simi-
lia ergo triangula &e. .

Corollarium.

Ex bis pazet [i tres livea pnpbtimdcr

fuerint effs vt primam adsertiam ita trian-

I

::f;

Zulnm [uper prima deferiptum ad fimile fi -
militerque pofitnm fuper feeumda. Nam:
oftenfum oft effe vt B C ad-B G,itatriangs-
lum A4 B C [uper prima BC, adtrviangulum-

" D EF fimile fimiliserque pofitum fuper fe-:

sunds EF.
 Propo. 20. Theore.

Simt'lx'.:folygam in fimilia trianguls
dissduntur, numere agualia & to-
tis bomologa. Et polygoma duplica-
tium inter f¢ cam babent rarvonens,
qugef inter batera homologa.
7Kg $inc

N
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opy) [nt polygona Si- y D
milis ARCDE, ZF 1@“.
FGHKL,fintquean- g y¢
guliE A B, L FG ¢qua- .

les angulas vero G angulo B, % fic or-
dine deinceps: finguli fingulis finc2-
quales,fiat deniquelateracirca zquales

1
i
|

angalos proportionalia,yt E A ad AB. -
ita LF ad:F G &c;ideoque latera A B,. |

F G, &c,erunt homologa.

Dico primo.hgc polygona du&is re.

"&isAD,AC,FK,FH, dwidiin triangala-

fimiliazNa quia agulus B ¢qualis-eft an-
gulo G, & latera circahosangulos pro-

portionala, saequiangula erge eriagola

ABC,FGH &fimilia:cad€ratione ofté- '

deturtriagula DAE.KF L effe fimiliaob-

zquales angulos E & L, & latera circa
eos proportionalia. Nic vero & quiaeft
vt ACad CBita F Had H G{ob fimi-

lia triangulaA G B,F HG) & vt CBad

CDitaH G ad HK ob fimilia poly-
gona;collocabuntortern & terng ma-
goitedines in cadem ratiome
AC,CB,CD.{ FH,GH,HEK
‘Ergdexc ¢quovt ACad CD itaFHad HK
Erquoniamangulus B C D,ipi-GH K-
eft zqualis,& ablatus ACB;ablate FH
G, eruntreliqui A C.D,FH K etiam z-
quales, & Quare triangula ADC, FKH.
. - - eeunt
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erunt zquiangula & fimilia, cum circa
®qualesangulos A C D,FHK habeant
latera proportionalia . Omnia crgo
triangula oftenfa fuxt inter {e fingula
fingpulis fimilia, : .

Dico fecundo effc totis homologa,
hoceit ficur voum criangulum ad tnid.
gulum fibi refpondens alterius polygo-
ni jra efle polygona roea inter fe . Quia
enim fimilia funt triangula ABC,FGH,
ecrunt in duplicata ranientlaterom ho- ¢ 19--
molegorum A C,FH; & ob candem
canffam triangula- ACD EHK funt in
duplicara ratione corundem laterum-
AC, FH,Quare vt triangulum ABCad
FGH,ir3 ACDadF HK fimiliterque
oftendetur triangula AED,FLK cfle in-
eadem duplicata ratione Jaterum co-
rundem A C,F H. funt ergo triangula-
polygonorum proportionalia, Cum

- vero quotcunque magnitadines fquot- £ g6

cunque magnitudinum funt propos-
tionales, ficut cft vna ad voam ita om-
nesadomnes. Eft ergo polygonum ad
polygonum ficut triangulum’ ad trian=-
gulum .-
' Dico tertio, polygona cffe in dupli-
cata ratione laterum homologorum:
AB,F G, Namquiatriangulafuntg in g ¢
duplicatarationclaterum, & polygona
: T K6 fane<
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func vt triangula,erunt ctiam polygon
in duplicata laterum ratione . .$imilis
ergo polygona &c.

Corollarium.

Endern methodo probabituromnes fign- !
vasredilineas ef3c in duplicara vationels.
serum komolegorum.

* Propo. 21. Theor.

Quecsdem reilineo fumt fimilia, & |
snser fe funi fnislia.

I enim figurz AB C, A
GHK cidem DEF
fior fimiles ; quia anguli hAuG 'y
A &G funtval D zqua- o
les,crunt & inter fe #quales;& ita pro-
babitur omnes angulos, omaibasan-

. gulis effe zquales ; & latera s circa cos

c¢fle proportionalia, fi lateribus ciufdem
tereij fint proportionalia, ac proprerea
ABGC,GHK cllcfiguras fimiles,;
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AR Ao B Qe Gt Qe o o e e
Propofitio zz. Theore.

S3 quasuer recta proportionales fue-

rint; rectilinea fimslia O fimiliter
ab 4 deferipta erunt proportiona-
lia.Et fs dreclss liness fmilia fimie
liserque deferiptareStilincapropor-
tionalia fuerint , ipfz rellg lmea
proportionales erunt.

g Int quUAtuor A e e

Y WYre@z A, B, B Een -

C, D propor- C_—_.

tionales; dic0 Damsw— Feee
defcriptis fimi-

libus re&ilineis puta triangulis luper A

& B, & fimilibus feu triangulis fen alijs
re@ilineis fuper C & D, hzcre&tilinea
foreproportionalia. Sumaturenim ip-
farum A & B tertia s propertionalis B, # 1.
&iplarum C & D, tertia proportiona- .
lis F; critque ex @quo vt Abad E,ita b 125
CadF, Viautem A ad E,ita eft re&ili-
neum ¢ (iper A ad re@ilincum fuper B; ¢ e,
& vt CadF;ia ciiam re@llincam fip<s

-
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€ad redilineum fuper D. Ergo vere-
&ilincam fuper A ad.re&ilincam fuper
B,itare@ilincum {uper C adre&ilincum
fuper D, Et fic probatum cft re&ilinea

. efle proporrionalia.

E conucrfo autem fire&ilinea finr -
propottionalia,& fimjlia fimiliterq; pe-
fira,eria latera erunt proportionalis; nd
re@ilinea duplicatam o habenr ratio.
nem,illam eandem,qua eftinter larera.

o Propo. 23. Theore.

eLquiangule parallelogramma swter
Je rationem haben: ex laterum ra-
 tiomsbus compofitams.

AB,B C,habentTaan-
gulds ad B-xquales; &ita
ilpofitavet D Bipli b G, (&
ideo FB #ipfi B E vealibr diximus ) fa.
ceat indire&i, cGpleatur§; parallelo-
grammia B H. Ci ergo fit v parallelo-
grami ABbad BH itabafis DB ad BG,

b3 )
FQ

- &vtBHadBCita EBadBF, erit 1a-

tio ipfius AB ad BC compofita ¢ ex
rationibas intcr ‘AB, BH, &inter
T BH;
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B H. B C; cumque hz rationes egdem

1. fintd cum ijs qu funtinteclatera D B, & 10..

B G,& inter latera EB,B F;etitqueque
ratio ipfius AB-ad BC compofita ex.
rationibus laterum corundem , quod-

4 _erardemonfirandum.

Propofi. 24. Theore.

In ovmms parallelogrammo , “qug cirs
ca diametrum funs parallelogram-
ma, G totiy <& sweer [t fami fiv
milia.

l. N parallclogrammo AB' 41g 5
- circa diametrum CD . o
fing parallelogtamma EF .
& Gl;-l. quzgdico efle & ¥a
_oti, &inter [efimilia, Nam quia pas
* fallelogrammum G H habetangalum
ad D cemmunem cum toto, & angu-
lus D HK =qualiscft sinterno & op- 4 29.17.
pofito ‘B; erunt eriam anguli HK G, :
K G.D xquales reliquis A &'A G B ro-
tius paral clograma ; & codem modo
oftendetur angualos omaes parallelo-
gaammi EF, angulis totius A B effeee~
qualesJam vero quiatriangula DKG, |
o R DKH.
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& fimilitercriangula DAC,
DBC;eritwiDAcadAC, el | .
ita D Gad GK;lateraergo ©F 3.
circa zqualesangulos A & G funt pro.
portionalia. Rurfus ve A C ad C D jta
GKadKD, &viCDadCRBitaKD
ad KH: Ergo '

© | AC,CD,CB | GK,KD KH
exgquovtAC, adCBitaGKad KH
& hictarera circa gquales agulos GK H,
ACB (unt proportionalia.Neque aliter
monltrabitur litera circa alios angu-
los aquales effe proportionalia, Sune
ergo parallclogramma E F,G H fimilia-
toti A B,ac proinde eriam dinter fe.

Propo. 24, Proble.

Datereiislines fimile fimiliterqne pos
. fisum, G5 alters duse aquale conffi-
tuere.

' It conftitwendam re. <$
S&ilincnm file ipfi o3 /A
A, & ¢Qualealreri B.Fiat
erfoa uper C D paral- RFeh
lelogtammum C¥; aquale ipfi A, &

R
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fuper D F,inanguloFD H =qualiipli
E C D,fiatparaliclogrammum DG ipfi -
B zquale.Amplius reGarum €D,D H
inueniacur b media proportionalis K L, # 1%
{uperqua fiat reQilincum M, fimilegip- ¢ 13-
' fi A, eritque re&ilineum M faGum vz
; proponitur. Eftcoim fimile ipfi A ex
hypothefi; effe autem qualeipfi B fic
oltendo. Quiare@z CD, KL, DH
funt proportionales,esit ve prima d CD 4 2%
adtertiam D H, ita re&ilineum fopex
primam, id cft A, ad reQilincum {uper
fecundamid éft ad M:fedve CD ad
;D H, ita eparallelogtammom CFid ¢ =
eft A,-ad D'H, hoc cit ad B. Quare erit
vtAad B, iraAad M, ideoaue re&ili-
nca B & M erunt 2zqualia . Datoergo
re&ilineo &c. ‘

| Propof.z's. Theor.

83 apavallelogrammo auferanr paral-
lelogrammsum fimile 1013, & com~
munem unsm angwlum cum eo ba-
“bens, boc circacandem diametram
‘ cum tsto confiftir. ’

Ex pa.
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E X parallelogrammo 5 ¢
A B, auferatur fimile d x
CD, habens cumeo angu- )
hum eundem B, ducantus- EXDp B’
quercéz E H, HG, quz fi non futt
diamerer totius A B, fic ergo alia diame.
ter,pata E F G ducaturque F K ipfi HD
arallelayerantque CK & AB 4 paralle.
logramma fimilia: eft ergo vt A Ead

Y

B, ita CE ad EK; fed qu fimilia etid -

ponunturCD & ABcftvi AEadEB,

1ta C Bad'C D; habetigitur CE can-
dem rationem ad EK & ED;quare EK
& E D (umt #qualia,pars & totum,quod
ficri nequit, Non cft ergo diameter
E F G neque alia erit quam EHG:quod
‘erat probandam..

Propo. 27. Theorema.

Omniwm payallelogrammorum fecun-
dum candem reitam applicasorsm

. O deficicnsium figurss paralleh-
grammis fimilibus esqued & medis

_ deferibitnr, maximum idcft quod

ad mediam applicarnr , fimile exi-
Seens defedus, T
s : Rech
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E&a A B bifecetur g pyp
in C, & fuper di- L.
midia C B fiat vicunque
pataliclogrammum CE, ACKBE
cuius diasmeter BD'. Completo er-
go panllelogrammo B H, parallelo-
grammum_A-D erit foper dimidium
A C, deficictque A toto B H, paralielo- *
grammo C E;cft que A D fimile defe-
¢tui CE. Hoc igitur parallelogram.
muam A D dico effe maximum eorum-
‘qua fuper A B pofita deficiunt paralle-
Yogrammis fimilibus & fimiliter. pofitis
ipli defedtui C E. Sumatur enim inre-
¢éta D B quodcunque pun&um,pura G,
ducanturqueK M & FL iplis’A'B,BE
parallelx ; eritque parallcfogrammum
A G pofitum fuper A B, & deficiensip-"
{o K L quod fimileeft, & fimiliter 4 po- & 34
ficum ipfi CE._ Dico ergo parallslo-
gramum A G minus effeiplo A D.Quia
enim zqualia (unt FD, & D L ob bales
bzquales HD,D E, & D Lmaiuseft & 36
quam GE hoc eft quam C G(funt enim
C G & G E complemen:a ipfius CE,
ideoque ¢ zqualia)eritetiam FD maiuvss .
quam CG,codem exceflu IM, §i igita
-ipfis FD, CG-commune addatur Al erit
A-D maius quam A G. Ompium crge
patallelagraimmorum &c. . e

1B 2

Pro-
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e G B e B G B b
. Propo.28. Proble.

Ad datam lineam reZam dazo vedi- |

Lneo equale parallelogrammsum ap-

plicare deficiens figura paraliclo-
grammaguefis froilss alteridase.

“Oportet antem dassm reilslinesm

a37. 2o cffe mains purallelogrammo 2
quod ad dimidium dat« recia po- -

s tb@l applicars.

Epecatur EMD H

exempldl QA :

fuperioris gro. F ﬂ
pofitionis , in EK ¢ A .

quo ad re@am » .

A B fiv applicandum parallelogram-
-mum zquale reétilineo N & deficiens
parallelogrammo quod fic fimile ipfi
O. Super dimidia ergoipfius AB hae
41t  paraliclogrtammum & CE, fimile & f-
militer pofitum ipfi O, compleararqpe
spansliclogrammum B H, Quod fi cea-
singeret CE vel ADpfi N efle a:qufl-
. le, fa-
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Ic,facumeflet quod petitur, Siautem .
\ A D maius eft quam N (nam minus el
fe non debet;cum enim AD fic omnium
maximum qua applicari peffunt juxta
tenorem prop, precedentis,fi eflct A D
mious ipfo N sullum aliud applicaw
F poffetad AB zquale ipfiN) conftitua-
tur 2quale exceffui patallclogrammom
)\ T'M, fimileé Emiliterque pofitum ipfis & 1.
O & C E, quodque proptcica poni po-
terit circa ¢.candem diametrum D B. ¢ a6
Jam vero productis re&is 1G & MG,
cric parallelogranfmam A G applica-
tumre@z A B deficiens parallclogram-
mo KL, fimiliipfius 1 M,hac ¢t ipfius
. ©. ldemque xquale cft 1pfi N, Nam
quia oftenfum eft A G deficere ab AD,
| parallclogrammo I M, & re@ilincum
| Nabeodem AD feu C E deficic todem
| parallclogrammo I M, fequitur recti-
lincam N, & parallclogrammum A G
efle gqualia, Ad datam csgo reGam &c.

_-_C K" %

: - Pro-




b 25«

238 LIBER VI
PEOCEPIE TP RGS
Propo. 29. Proble.

y

;""1 datams veGam datoreilineo -

quale parallelogrammum applica-
re, excedens daram vectam figurs
parallclogrammaguefimilss it du-
to alteri parallelogrammo. ]
‘ 1

¢

D datam re@am X _* H
L\ A Bfirapplican- [17
dum parallélogram- AT | R0
mum cqualercttilineo @ G NM
I, & cxcedens re@am ‘ i
A B parallelogrammo fimili ipfius D. ]
Superre@acrgo E B dimidia i‘Pﬁus AB
fiar parallelogrammum cuivfuis ma.
ini:udim’s , dummodo 4 fimile it jpfiD
militer.juc politum; fiarque rurfus pa-
rallelogrammum G H fimilé eidem D, |
zqualepvero ipfis EF& I fimalfum-
pus;habeatque angulum EKF commu-
nem cym patallclo%rammo EF. Com- |
pletisigitur parallelogrammis OE,GB, |
N L, cum G H fic pofitum @quale ipfis
EF &1 fimul fumptis, ablato communi
£F, gnomon P CRipfi I erit ¢qualis.
Et quia
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"Bt quia ob bafcs zquales ¢ 2qualia (uat
] OF & GB,®qualia item 4 compleméta
‘G B & B H,fi loco ipfius BH fabftitua-
tur zquale OB, erit paraliclogrammum
AM gqualegunomoni P CR; ideoque

A B applicatum eft parallelogrammum
AM, zquaje dato retilineo I, excedés
'l re@am A Bfigura parallelograma NL,
i} quafimilis cft date -parallclogrammo
D, cum fit circa cadem diametrum cum
ipfo EF,quod paficum eft fimileipfi D.
| Ad datam ergo rectam &c.

P.ropoﬁtio‘ 30; Proble.

| Datam lincans reSlam extrema ac me-

diarasionc fecare.
E&QAB A ¢ B
itafecctur d .—-|._.__.

: in C,vt re@angnli fub 4 tota A B & fe-
;| gmento B C, fitzquale quadrato alte-
- tius fegmenti A Cseritquere&a A B fe-

;| ficut AB,ad AC,itaACad CB.

. Pros

ﬁcdzm rectililineo . I. Quare adreGtam

€ 36.1.
4 43.1.

5| &aextrema & mediaratione:nam eritd b 1.
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Propo.3s. Theore. |
SnreGanguliv sriangulis fignra que- !

wisfuper latere reCium angulsm
fubrendenre aqualis cft fgurss,gue .

priors slls ﬁmiZ':, o fimslster pofi- ‘
- ta fuper lateribus rectam angulum |
“conssnentibus defcribuntar. :

N triangulo ABCla. -
tus B G f(ubtendar X '
angulumre@a BAC, B (5

& fuper B C. defcripta |

. . .. D
a1 fis figura # quauis puta

C D, cui fimiles & fimiliter pofice fint
AE AT, fuper lateribusangolum re-
&um continentibus. Quia ergo tres
~ omnes figura funt fimiles, erunt in du-
436 plicataratione lateram & homologo-
rum; inquaectiam ratione cffent qua-
drata cornndem laterum ; fed quadraa
¢ ¢71. fuper AB AC effent xqualiac quadrato
ipfius BC, ergo ctiam figurz fimilesfu-
perij(dé AB AC, funt aquales ipfi CD.
Iareapgulis ergo triangulis &c. .
‘ o Pre.
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Propo. 32, Theore.

Sidue sriangula babentia. dwo lasera
duobus lascribus proportionalia ad
wnum angulsm componansar , itd
vt latera homologa fint parallela,
reliqua latera in direltum erumt
conflisuta. S

D, Vo"ttiaugula ABC, A

D CE habentiala- - AN R
tera proportionalia, hoc )A‘A‘ ’
eft viABadAC,itaDC °
ad DE, componaniurad conftituen-
dumangulum A CD; fiucq; tamante-
cedentia A B,.D G, qiam confequentia
A C, D E parallcla. Dico reliqua latera
BC, C B iacere 1n dire@zm. Quia enim
re&ta C D caditin paraitelas C A, E D;
erunt sangulialterni D & D G Agqua- 4 29.1.
les;zqualesitem BAC, & A CD cum
ctiam reta-A C cadatin paraliclas A B
& D C;qqualesergo funtanghliA & D,
cum ecidem teruo A C D oftenfi fing
squales; - & cum circa cos laterafine

: pro-

\
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proportionalia,zquiangula fant § rriz-
ula ABC.DCE,angnﬁ crgo B&DCI
unt equales s additis crgo xqualibu
A & A CD, pares erunt duo angali B
& A,duobus DCE,ACD, fide toti ACE:
zurfofque addito commeni ACB,ervat

. duoanguliA CB,A-C E pares tribus A,

B, XA CB; fcd hi tres mquales fum
duobus reflis, exgo & 1lliduo, ideoque
re@x ¢ B C & C E diacentindireGum.
§i esgo dvo wriangula. ’

Propofitio 33. 'Thcof.

In goualibus circulss anguls candem
babens vationens cum petipherys
quibus infiftunt, finc ad centra fie

- adpeviphevias conftitnts infiflamt.

_ Eandem infuper  rasionew b
-bemt feElores , quippe gus ad cemsrs.

Int zquales cir. n
D culiABC,DEF, . .
q orum.centra G &
H; & arcubus BC, - .
EF infiftantad centra angali BG €'
EHF.Dico hosanguloscileinter fe v:
ares

.

|
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arcus B C & E F. Nam fi arcus BC,EF, °*

{uat zquales,e zqnales func anguli B G 4 29.5.

C, E H F. Quare fi alter arcus ellet ma-

ior,pata B C, aut minor;maior quoque

. aut ounos cllet angules BGC quam
- B.HF, & ficquoque eritin hzaugmd- b difs s

tiplicibus;funt ergo anguli BG

ficux accus B C, BF, .
Eodem modo probabitur anghies

‘A & D quiiofiltent adambitum, eflcve’

funtijdem arcus. . o
Denig; (eétor re@is B G,G C &arcu

BC comptcheafus, eft ad feorem

E HF, fcut arcus B C ad arcum EF,

Nam fi atcus font zquales, zquales. .

etiam erunt ¢ du&= ve&te BC,EF; & ¢ 29-%

EHF,

. anguliad centrid G & H, & totatria- d 27.).
; gulaeBGC, E HF zqualia, xquales, 4.

item pornones circilorum qoas aufe-
rune fre&x BC, £ F, quarc Xfe@or fagy4.
BGC pareritipli EH Fiquod fi arcus
B Cmaiotefleripfo EF, cziera omnia
eflett maiora ia.circulo ABC, fiminor,

| minora; & fic ‘Rxoque etit gin xque- & 45 5.

multiplicibus: eft ergofe@or B G C,ad
feGorem EHF ficprarcus BC ad arcom
E F. In zqualibus ergo &¢.

L2 _Cotol.
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" Corollarium.

s Hincmanifeflum guoque eff f
effe ﬁﬂoremaﬁﬁ»’?orgﬁ? /iaf{ﬂ
wils ad angulumscum viragm
rt4i0 cademn (it ratiows arcas ad
* arcum ; quare Grinter ¢ eedem
Junt . ‘

FINTIS -

* Ad Maiofem Dei Glo-
' riam,




