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SERENISSIME.

tatis mea conse
fcius s, frligar,
“.animo, dum ad
o TPYONE _pedes Serenif

fimee Cclﬁtudmxs Tu® meam
hanc Elementorum Euclideos
rurmn editionem fifto, €o quidem

" fuffulcior, quod nempe nontam
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a4 Opera plajquich ad sicts;
quo Opera nuncupantur Tefpi.
ciant- Magui Principes 5 neque
enim ultra fyncerum, benevo.
lumque animum haberet quif-
piam, quo magis de alio poflet
promereris Meverd nihilom.
nino traxit, ut y hoc munufculo,
obfervantiz erga Te mez publi
cum quoddam {pecimen eder€,
pifi Hergida Vptutes Tuzy &
oomination Magnanimitas, Reo-
dentiay Stusliumquéiliud, quod

Regi® Domus: Tuz. propriupm

¢fb nimiznm bonas Artes,Scien,

tiafqué nobiliores promovendi §
Ncq;;porré mihi quicquamma. -

gis ex voto ceflerit, quam fi pri.
mitias hafcé meas Mathematis
casy quas Serenifiimo Nominj

Tuo

— AL . w—
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Tuofignanter dico, vultu hilari
exceperis, atqsitd robur mihi, vig
refqué addideris, ut nouam quos
quc omnium,quz extant, A pol:
Yonii, & Archimedis editioneny,
quam jam paro , & quam etiam
“Tibi dedicandam cenfui , ad fi-
nem perducam, quoad luculene
tior mihi detur locus teftandi,

- qudm impens¢ raras ego fubli

mefqué Animi Tui Dotes reve
rear. Interea vero,ut Summus
Rerum Arbiter DEVS Te din

- Magnarum Virtutum, Litera

-rumqué Bonarum incremento
fervet , humili, atque devoto
corde voveo,

SERENISSIME CELS. TVE

Humiillimvs, atq; Addi&iflimas Servas
by Luas dflorinus Carm.
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ILLVSTRISSIMO DOMINO
D. FRANCISCO REDJ

~Patritio Arcting
S. P. D.
FR. ELIA3 ASTORINVS.

QOLOTUGEY _

VoD Tibi, pra cateriss &
Magne REDI, prafando,

edifferam , quorfum nam ego
direxerim conatus meos in

KalSTE- hac Elementorums Euclis
dmmlm editione, ¢ quid in illa pmﬂ:tmm,
Zutdem newso mibi verterit witio, ubi

probeé norit, me nounifi tuo confilio, tuaque.
fllﬁultum clientela, id ouneris fubiiffe, meqs.
proin debere Tibi opera impenfa , Pudios

YRmqne medrum rationem referre . Sed en

pancisaccipe ,quid d me aitnm o faltumqué .

fit, & quid velim .

 Tametfi ad animos cxcamndos, exa-f

cumdojqué plurimum conferat Mashemati«
‘ 4 €a;



viii
cas difficilior tamen ipfa vifa eft, quame 1
poffit swvenibus 5 Philofophiam conantibus
aningere non jejunam . < captiofam ., fed
gue plus afferat frugis . quim verborum 5
oflo adeffe, & factmprafirré. Bt vevés
74, quis animum , flatim ac [e ad Geome=
triams appality mon defponderet, cogitando
qudm longa, & ardua fint illa ipfa, que dici
Jolent Mathefeos prima Eleméta: ¢ quod,
[i tandem licuerit, fefe ex Irrationalibus
Elementi Decimi, ¢ ex Corporum Pla-
tonicorum falebris extricare 5 fibi mox
animus in Conicas: Apollonii fethones. ex
quibus perpauci balenus evafere, fit implis.
eandus s atque tem ( ut paruns interim fit
Sereni Cylindricans, atque T heodofii jpha~
vicum velie perpendiffe Y Maguwum Arcbis-
medem fupere(fe, quem ( tefle Tacqueto )
plures laudant , quioe legant, admiw
rantur plures quam intelligant? ¥e=
rumenimverd, fi quis bic primo afpeiu des
terreatny, ff parum proficiacs id non tam ig=.
[lus ejufdens [centic afpevitatiy quam intere:
prétiom, vel prolixitati nimis, wel methode,
pinfynam par eft, compendiarie, adferiben~
- dum puto. Nam, [i quis unquams velit quics.
quan molivi ex Glavii, vel Richardi Cos
wmenrariis s ipfum quidens animus, virefqué
' o longéd
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bongé prius deficient s qudm wt poffit prinsa
fixdia [ud Mathemasica ad metam sfque
perducere; tantiins abef} , ut dstur locys exe
periendi 4 quanto nam cateris difciplinis
adjsmente (it Mathefis, & quicquam Incri:
ex sos ; santifque exanlatis laboribus repor..

 tandi 2 Comtra-weyd Barrovius tam eft lae

comicus , O prefertim in Detineo Enclidis o
¢ in Apollonio , ut litwes ipf2 funs v+ nifs
Rerums Matbewmaticarum Cojfaltis deflie
naffe videatur . Neque tansen coruns ego
judicio [ubferibamyqui ut citd fe expedians,
bees o. vel illas. Propofitiones , vel, tanquans
minne vece([arias ablegant, vl sanguam per.
Je notasin axiomatnm cenfam refeyant, vely
gwod deterius, Enclidens nobis exbibent lar=
warum, atque ad extremam vedalnm oge=

fatem s wel demum numerum , ordinemque
Libroruns perturbane. - De cateroy quamvis
optim? de re-Matbematica promerits: fins in

Emlidérefiitwendo Borellius, arque My-.

~ dorgius, 8¢de laHirc in Elementis Cos.

nicis promovendis s -ipfi tamen fontes ,loex

quibns: yocentiornvk Tsvensa dimanarunt o

Juint prius deguflandiz qudns wt novam. queam.

mns mobivi Elementorum Syntaxim, prarere

, [ ongnes, chm propofi tiones alle~

Qund ¢ [wnt ;. ad akignum ipfarwm ordinens,,
C . as

numes
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uRmeruniqué confucverintveferrel . .
: Quandoquidens erge, ad ufums bajus o~
Pra Academiny Elements Mashematics re~
eudenda erant 3 facile in animum indinxi , @ -

e mea fore , fi-novam borum Blementoruns .

edstionem adornarem, qua Neobiliffima baic~
JTuventuti Euclidem exbiberems uon mutin
lums, non perturbatum, fed istegram, & ins-.
columem, perfpieuo tamen, edque beeeiy &
Juccinéla donatum babitu, aded quidemne.
®0B modd totum Secundum , Zr complures:
veliquorum librorum Propofitionesy verims:
atiam Proportionesipfas,quavumnimis log=
gaef fevies, vedigerem ad A Equationes .
more Analyflarum , quoram tamen non niff

modum , ordinemque feribendi placuit imiv.
tari 5 @ rigore interim Geometricos wee per-
latum onguem difcedens : Siguidem [atis

bucufaue, fuperque, comperi, quod quemad=
modum wibil equé ad T heorematums quo=

THIBCRBGUE genium , atque vives cluvé, citos

pereiufmoddi- AEquationes., unica intaitn 4
vel magnitudinum, vel Proportiomwmns: cone
nexionam omnem infpaxerimius 5. ita.wibilo:

magisin Mathefi proficere, qiotquot rigovi
Geometrico [e [ubduxerunt , qudm ut pofk:
Elementa [e totos dens Polemica s el exs

7w trabans
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trabant ex alienis Bphemeridibus Calenc.-
vis, vavafque praditliones .

- Atque me fatis balenns arbitrdy expos
[fuiffe inflituti s confiliifque mei vationem ,
& quid a me in bac Elementoram edition?

praRicum fit : Numc de Mathefeos prefian= .

tia, ¢ utilitate fupereffet dicendum ;3 fed

1 quantum ills momenti babeat ad [cientias

naturales plane ommes promovendum., id,
ante ceteras nationes, ipfi Etrurie datum
efd experiri, ubi quidem, flatim ac M agnus

GALILAEVS naturam motus, atque

aden - Phiilofophiz portam primam
aperait y nature wiciffeudines , regulis non
niff Geometricis perpenfurus; innumeraqui »*
dem; atque jucnndi(fima, bominumque Jocies
tati perutilia 5 (ubfecata funt inventa . Et
fane , cui nifi Mathematice acceptum feres
mus, deteClum jam effe flatim ac capit Phi»
lofopbia juxta methodum Galilaicam prine
cipils G eometricis innitiy quibus nam legi -
bas mechanicis animantialincedant. & feran .
tuprojeéia,quantinam pondo fit momentum
gravitatis s & vivtus elafiica inaere 5 g
quinam [it drgani-anditus., € oculoruny ,.
fibrarumaane [piralinm cordis , & mufculow
rwrs omnium fralinra 2 Sed, quid bac Tibi
eommensoro, Liinfviffime Vir, [i nibil ferd i
SR &6 bos
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Do philafopbandi genere ditdunys compér=
tumque eft s cnjus Tu ot fueris » vel dus.
&or , vel-Mator 5 el non'adid confilio
faltem, aut re juveris : Nequeenim T ibi
Medicing folim debet, quod animantium.
orium traXeris ex 0v0, & wehevaruws indo=
lem patefeceris, atque detraxeris larvans:.
fucatis nonnullorum experimentis 3 versm
«tiam abs Te fluxit quans maximé, quod.
Arabam , caterorumqae. fellariorum trica,
pe(Jum omnine abicrint, & poftliminio revos
cata. fit in philofopbanda Methodus illius.
Magni Vi, qui(tefle Petranio Arbis -
1ro ) ®tatem inter cxperimenta cons
fompfit . Et quamvis Manificentic:
MAGNORVM DVCVM Etrarie.
tribmendums efi, quod opera, fludiogue Mar~
filiy Ficini revixeric PLATO. . quod:
novos Planetas, atque Solismaculas detes
xerit Galileus , jeceritque non. Hydroflg«

tices modo, fed totias, Philofophie Naturas .

lis prima fandamenta 3. quod deinde i In= .

cems revocarint Archimedem Torricelling,,

&r Pereximius. Vivianus Apolloniuns Peya.
gaum ;. quod in Pifana. P miserfitate. Me=
chanicam . Solidorumaque dollrinams egregic-
promoverit: Alexander Marchettys ,.
a/que totamMedicinass ilinfiraveris, inuye.
o © merifque
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L xiit
merifque anxerit experimentis Bellinus :
qnod qua lance narxram Calidi, ¢ Frigi-

. di, atque tum Hwmidi, @ Sitci perpenderit

lofeph det Papa ¢ ¢ quod demum , ut
catera praseymittong, Ernditiovis Antiqua
tavtum profiuat ex uno Magliabecho, u2
ad ipluns confulendum confixant Galli,.
Germani, Angliy Dani, & [i qui funt lite=
vati ultra Mare Balticum; pre cateris tamen
id Tu, Magne Vir ex una parte, atque
Magnus MALPIGHI VS ex altera to-
tis viribus agitaflis, & effeciftis , ut ne dum
in I'talia, fed & in tota Enropa nobiles, uti-

defgue fcientia o tams altas agerent yadices,

| quas nec invidia poffet unquam convellere o

wec tempus edax «

Porr) autem quicquld boni erit in bac mea
pella , quantulumeunque illad effe vid- bi -
tur , now niff Te [uafore prodit in lucem s

" quin & boc Tibi me debere fatcor, qiod

ot

tanti roboris, & efficacie fuerint Documen~
tailla Tua, quibus iflic fr. Danielems Das
nieli ad nobsliora fudiaexcitafli, ut fantums

. dem ille balenus @ Qudiis fuis ceperit emo=

!

| Iumenti; quantuns magiftro spfe (uajans po~

tucrit in bac Elementorum editione baud

mediocriter adminiculari, neque interim lu=

fevit eam,ad quam ego ip fum manuduxi ope.
- ram
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ran impendendam in pervolvendis Santlo=
rum Patrumyutiliumque Philofophorum bi=
bris. Sed 5 O utinam eam, 0 dolli(fime
REDI, quam emnes Tibi clientuli tui
precamur 5 witam in plures alfos annos prd <
traheres 5 nobifque din patrocinareris, quo
ad paffim paffimque meliora conaremur o

quim que balenus in lucem protulimus.

Intevea verd ignofce mibi 5 fi non potncrim
lucubrationums mearam T'ibiratiohem red=
dere, auin de Te, deque T uis Egregiis Vira
Butibiss quicquam commemorarems &r ¥ ale.

LIBR}

<]
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LIBRI PRIM
D E/FINITIONES.

1 Vn&tumef, cuius pars nul-
laeft .

Linea vero longnudo

titudinis expers. -

Linez autem rtermini
func punéta..

4. Rectalineaeft, quaex zyuo fuainter~
jacet punéta .

e upcrﬁcxes eft, quz longitudinem, la-
titudinemque tantim habet.

6. Superficici autem extrema funt linez .

7. Plana fuperficies eft,qua ex zquo fuas
interjacet lineas.

8. Planusvero anguluseft , duarum li-
nearum alterius, ad alteram mclmmo .

9. Reétilineus angulus eft , qui contine-
tur 4 lineis reQis .

10. Ciim vero re@a linea fuper re@am i~
neam confiftens, eos qui funt deingeps an-
gulos, zquales inter fe fecerit 3 rectus eft
uterg;angulorum,& qua infiftit re@ta linea,
pcrpendxculans vocatur ejus, cui infiftic. .
1 1. Obtufusanguluseft, qui recto major

2

12. Acutus verd 5 quiminor eft reco.

13. Tcrmlnusgﬁ > quod alicujus extre-,
mum efl

14. hgura eft, que fubaliquo,vel ahqu-

busternanis comprchenditur,
15. le-



xvi Elem. Euclidis 7

15.- Circulus eft figura plana, fubma li-
nea comprehenfa,quz pesipheria appellatus,
ad quam ab uno pun&to eorum, quz intra fie
guram funt pofita, cadentes omnes reétz li-
nez inter fe funt zquales .

15. Hoc verd pun&um , centram circuli
dicitur . .

17. Reta verd , quee per centrum dulla,
bifariam circulum fecar, dicitur Diameter .

18, Semicirculus eft figura contenta fub

diametro, &-fub diniidia circuli peripberia.

_ 19. Re&ilinew figurx funt,quaz fub retis
Iineis continentur . . ]

30. Trilaterz quidem, qua fub tribus:
quadrilaterz quz fub quatucr , & fic de czt.

21. Triangulurr, vel confiderarur quoad
larera, vel quoad angulos . Quo ad latera
quidem § St omnia latera fibi aquantur ;di=
citur AEquilaserum : Spduo tanwm 5 digitur
Ifofceles : Sinverd ornia funt irzqualia 5
vecatur Scalenum . Quo ad angulos 5 Tri-
angulum dicitur Redangulum , {1 habet unii
angulumic&um : Gbrufangulum , fi.unum
obtufum : Acutangulum 5 fi omnes anguli
furt acuti »

22, Parallelz linez funt, quz ctim in eow
dem fint plano,& ex utraque pacte in infini~
tum producantur 5 nunquam fibi mutko in~
cidunt, Vel rectivs , Queubique gqualibus
inter fe diflant juservallis,

21. Farallelegran mum eft figura qua-
drilatera, cujus bina oppofita latcra funt fib
rarallcla, Ejscuatuer fune fpecies, niig.
1. L zadratum, Lbi cirnia latsa funt zqua.

lia,



} . Ziber Primy; i
' li2, & ogmnes anguli funt redi. xea.f:.'z'..-
altera paree longius,quod retaagulam qui-
g;imtﬂorftd DO? zquiléat;emm : Rbembams,
anguli non funt re ‘
ool angu Rbanbu‘de:,ubih fed latera fune

. 1céh1, neque Jatera funtqul’::(}?: . funt

.21, Parallelogrammg itat Trape-
s:um, quod quadrilatemmogmm e, fcd
latera non funt parallel, . :

22. - Cuoin pgro diameter dafta fuerie s

. doeq; linez laterikys parallelx fecantes diae
 Ietrum 10 090, todemque puntio, refultane

u3tuor pgra; quorum duo per quz non tra-
¢ diameter, dicuntnr Complemenca »

POSTVLATA.
l R: POﬁukmr, ut 2 quovis puntto in

quoduis puntum 5 re@am lineam
ducere concedaeyr,

2. Ec re@tam finea teyminatam in contis
buem redta producere .

-f. Isem quovis centro , & intervallo cir -
culum defcribere .

AXIOMATA.
R Vz eidem zqualia , & inter fe funt
‘ xqualia. i '
2. kit {i ®»qualibus ®zqualia adic&ta fint,
'tota funt aqualia. ‘ ‘
3. Etfiabaqualibus zqua{ga ablata fint,
uz relinguuntur, fun: xqualia.
| »qu4-riitx;;linaaquaiibus zqualiaadic@a fint,
inequalia. . ‘-.
! to!:. %2 tﬁlg b?nqqua libus zqualia ‘-\bl?;'“ i.:““:
reliqua funt inzqualia.

i
|



xyiii  \Elem. Euclidis
~ 6. Etqua ctufdem duplicia funt , istter f&
funt zqualia. . - TR
~ 9. Et qua ciufdem funt dimidia , inter f
zqualia funt. S i
8. Etquea fibi moutuo congsuunt, €aintcx
fe funt zqualia. ‘ I
g+ Ettotum fua parte majuseft, .

10. Item omnesanguli recti func inter fe.

zquales. R S e

11. Etfi in duas re&tas lineas alterarcta
incidens, internos ad eafdemqy partes angu-
los duobus re@is minores faciat 3 duz illa
re&zlinea ininfinitum produdtz fibi mutuo
incident ad eas partes , ubi funt anguli duc=~
bus re@is minores.

12. Duz retz linez fpatium non com=
prebendunt . o oL
__13. Duz linez rect= nonhabent unum &
idem fegmentum commtings

14. Sizqualibusinzqualiaadijciituatseric
totorii exceflus,adiun@oré exceflui 2qualise

15+ Siinazqualibus zqualia adiungantur,
erit totorum exceflus , exceffui corum , qua
a princ'pio erant, zqualis . '

16. Siab zqualibusinzqualia demantur,
erit refiduorum exceffus, exceffui ablatorum
aqualis .

17. Siabinzqualibus zqualia deman:ur
erit refiduorum cxceflus , exceflui totorum’
equalis. : E

18. Omnce totum zquale eft omnibus fuis
partitus finul futnptis. -

19. 81 totuin tetius eft duplum, & ablae
tum ablati; erit & reliquum reliqui duplums,

LIBER.
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LIBER. PRIMVS

) PROPOSITIO L

o’é‘“‘t"”é’ rellam lineam datam ter~
| S:( \";{‘ minatam (AB) trianguluns:
b ‘\ ) 9 . -

Ex A perBy & ex B per A ducantur
3+ Poft. duo circuli f¢ mutud fecantes in

. punéto C.. ex quo,.1..Pofs. trahantur CA ,.
CB ; dico fa®um . Nam,; 15. ¢/, linca AC
zquatur linez AB, & hzc ipfi BC; ergo

- 3glum defcriprum eft zquilaterum .. Quod.
erar faciendunr..

SCHOLIVM. Eodem modo fuper da--
tam AB fiet triangulum Ifofceles . fi inter-
walla aqualium: circulorum fumantar 2qaé:

_majora; vel zqué minora; quim AB .-

PROPOSITIO I

A D datum punlum: ( 05‘ data rellc
ALY linea (AB ) agualem reflam lineans:
( GF ) ponere..

Ex Bper A fiat ( 3. Poft. ¥ circulus ;- tumy;
Y, Poft..junge BC, fuper quam fiat, 1. I.
triangulum ®qml. BDC:tum,. 2. Poft, pro=
trahe ipfim. DB ufq; ad pun&um E, & al-
teram DC indefinité - deinde ex' D per E
fiatmajor circulus;, fecans:protraam DC
i inpunttoF;: dico fitum . Nam DE zqua-
W . 15..defs. ipi DF 5. atq; DB ®quatur ,

: A

conftr,




Y SElem. Euclidis
zonflr. ipfi 'DC: ergo , demptis utringue
zqualibus DB, DC ; erit, 3. 4x, CF 2qua-
lisipfi BE, cui, 15. def. #fquatur data AB :
‘adeoq; 1. 6+.-AB , & CF zquantur inter fe.
ogl.dE. A _ .
PROPOSITIO NI
V abus datis veldis lineis( MN DG)
de ‘majore DG . abfcindere lincam
- (DO) aqualemminori (MN) .- C
Ad pun@tum D ponatur ( 2.1. y re&ta.DF

~equalisipfi MN : &, 3.p0f.éx D per F fiat,
circulus abfcindés lineam DG in punéto O;

-DPico atum i Nam:DO=quatur , 15.defs -

linez DE ," & hac. conflr. ipi MN : ergo
1. a:lr:_- l[:)O, & MN zquanturfibi mutud-+

. “SCHOL.. Poteramus com Ticqueto in«

-tervallum MIN transferre in DO; & itd etta
intervallum AB in CF; fed hoc (vt se&é mo-

P ED S A

net Barrovius ex Proclo ) nulli poftulato-,

refpondet , ni tamen ve'imus. tribus Eucli-

dzis poftulatis atia fuperaddere

PROPOSITIO 1V, .
T duotriangule ( ABC, DEF) dus
latera (AB . CB) duobus lateribus
(ED, EF) #qualia babuerint utriég; utvigs
. babeant gerdangulum ( B) angulo ( E)
equa'em [ub aqualibus veldis™lineis con<
tentum 5 aquabuntur quoad bafim , ipfa
fpatia, & veliguos angulos , f[ub quibus
wqualia latera fubtenduntay
$1 punctom D puntto A zpplicermét, &
1efta

ia o AP e By oy T = S P ZT

+

1



Ziber Prinisii

3
" 1¢@a DE ipfi ve@= AB fuperponatar; ca-

det pun@um E in B,.quahdoquidens hz
 linex ponuntur zquales, & redtz: atqui
-angulus. E ponitur. zqualis angulo B ; ergo
etiam lacas EF \lateri BC coincidet : fed &
hzc duo latera ponuntur -2qualia 3 ergo

-pan&tum F cadet fupra pun@um C ; adeoq;

-30. ax, ipfebafes DF , AC congruent , a¢

toindé, 8.4x. zquabuntur , quin & 2qua-
untur cztera omnia , fignidem cztera om-
nia congrount. Q. E.D»

"PROPOSITIO V.

N omni T riangulo I[b/cele (BAC ) qni
[ "ad bafim funt interni-anguli ( ABC ,

“ACB ) aquantur [ibi mutnd : & sltra ba~
Jim produldis aqualib® cruribus (ABs AC);

qgui.fub bafi funt extevioves anguli (CBD,
BCE) interfe esiam [unt aquales..
Surnatur AP 2qualis ipfi AE, & ducan-
tar BE,CD: Quoniamin.3glis ABE,ACD,
zquantur confir. AD , & AE ;, & 2quantur

“byp. AB, & AC, atq; angulus A eft com- -

munis; zquabuntary, 4.1.bafes BE, & CD,
uti & anguli D, & E ,atq ; demuw angult

- ACD ,. & ABE . Tum, quoniam in 3glis

\
i

1(
f
{

BDC, CEBzquatur y# prius s BE , & CD,
& zquantyr confir. byp. & 3.8x. CE, & BD,
atq; u# prius , zquantur anguli D, & E serit
4. 1.) angulus BCE angulo CBD , & dn-
gulus BED angulo CBE zquais. Quod
fiab angulo ACD ipfum BCD, & aban-
gulo ABE angulum CBE demamus;s re-
tinquetur , 3.4+. angulus ACB zqualis
- A2 angulo



8 Elem. Enelids
mglﬂo ABC . Q' Eu D. . h
COROLL. Hincomne jglem aquilate-
rum cft etiam 2quiangulum .- . |
- SCHOL.. Poterat hoc' Theorema aliter
& multd quidem facilids demonflrari, fed
praftat, fe, vel inipfo Mathefeos veflibulo ,. |
in arduis. exercere, fed nec praterca defpi~
catui ducenda erat demonftratio tam ele~
gans, & celebris .- ‘

PROPOSITIO VL ﬂ‘

N omni triangulo ( BAC) latera ( AB;.

AC! angulis aqualibus. oppefita aquan= :
my fibi matwo.

Nam fi dixeris, latus AC maj. effe latere’
AB,‘ﬁ.at‘a 3:1. FB ZQUl]--iDﬁ AC. & duc‘FCr
Quoniam ergo in 2glis FBC, ACB, linea
FB zquatur, /- byp., ipff AC, & BCeft c&= 5
munis ,. atq; angulus: FBC aquatur 5 Byp. 5.
angulo ACB ;. ipfa. ctiam , 4. 1. 3gla Zqua~
.Bunturinter fe, parstoti.- Q. E. A. *,

COROLL. Hincomne 3glum zquiang..
oftietiam zquilat.. {

PROPOSITIO VI a
ENYper cadem rella livea (AB) dua&u.i-‘&l
Y cifdem vellis lineis ( AC , BC) alie'
diue relle linea aquales (AD, BD) non
conflituengir ad aliud punttum (C) atq; ad’
alind ( D ) cum diabus initio dullis re&lis-
lineis habentes: eofdems terminas .. ,
- 1. Cadat, i f. p- pun@um D iniplo 13-,
- tere CBy: erit DB 2qualis ipfi CB , pars roeg-
Q’Bl Ao 2! Ca“'
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, Liber Primps. > @
2. Cadat,fi f. p., puh&tum Dintra 3gliy’
ACB, & protrahantur BD, BC indire&tir,-
& ducatur CD;angulusergo ACD #quab.
§- I. ang. ADC:; qui g-ax.major eft,qua
maj.efl quim ACD : adeoq; ACD major

erit fe ipfo, . Q.E. A. _

. Cadat, f§ f. p., punétorn D extra 3glii
ACD, & ducatur CD ; zquaturergo 5,
ACD ipfi ADC,qui g.ax. minor cft,'qu
BDC, cui, §. 1. 2quatur BCD, qui 9.4,
min.eft,quam ACB; adeogsangnlus ACD
minor eft feipfo. Q. E. A. :

 PROPOSITIO VIIL

Gl 3gla (ABC, DEF) aquantny.

quoad omnia latera s aquabuntur etz
Jibi mutno quoad omnes angulos , fub qui=
bus aqualia latera fubtenduntir, & quoad
ipfa fpatia. :
. Quonii enim &yp. 2quantur AC, & DF;
fihz¢ illi fupcrponatur, congruent ,conv.
8.ax. fed & hyp. zquantur AB, & ED. vii.

- &BC, & EF; ergo, 7- 1. cadet pun@i &

fupra B, ac proindé cmnia congruent, &y
8. ax.,zquabuytur , Q.E. D. L :
‘COROLL. Hinc triangula fibi mutuo
®quilatera, etiam Inter fe funt zquiangula,

PROPQSITIO IX. |
 Atum, @ngnlym vellilivesm (FEG)-
P bifaviam fesare.. -

Abftindancur zquales BA,;,BC,‘& duca- .
. tur



é Elem. Ruclidis .
tur AC, fupra qud, I. 1. fiac 3g lum xquil.
AEC , & ducatur BE . Quoniamefgo i
aglis ABE,CBt , zquant. mutud BA, &

C, vt & EA, & EC, & BE ¢ft communis;
erit, 8. 1. angulus ABE zqualis angulq

* 'E L]
 PROPOSITIO X. _
DAtam vellam lineam € 4B ) bifarid .

Jecare . )
“Super tota AB, fac , 1. 7. 3glum zquil
ADB, tum,g. 1. divide anguli ADB bis
fariamy Dico fattum. Nam confr.DA,
& DB zquanewr , uti & dnguli ADC, &
BDC, & DC cft communis ; erge, 4. 1.
AC, & GB 2quantyr fibi mutwo » Q.E.I

PROPQSITIO XI

E X punélo dato { D) in linca data(AB)
lLincam perpendicularé (D B) evigeve,.
" Ab’eindantur utring; equeles DC, DB,
& fuper totam CB fiat, 1. 1. 3glum 2quil.
CEB, & ducatns DE ; Dico f'al&um . N&.
confir. gquantur linex DB , & DC,uti &
BC,& EB, atq;ED eft comm: Erge, 8. 1.
zquantur anguli CDE , & BDE; adeoqs
10.def, linea DE perpédiculariscft ad AB.

QE‘.F- .

PROPOSITIO XII

X punBlo dato( FYextra linoums datany
& (AB) ducere perpendionlarens (EF)
i ipfam datem , - -
Centro



Liber Primns

Cemro F. 4 abicindarur otcungs ex daex’
AB postio €D, quam, 1o 1- divide bifarig:
inE, & ducantur FC,FE.FD; Dico @3 .
Niconfir. quant. CE,& ED,uzi &,15.d¢f.
FC,& FD, g1q; FE ¢t comm. Ergo ,8.1.
zquanc.anguh ( EF, & DEF; 2c proinds,
10.def-FE perpédiculariscft ad Alg-'s.ﬁ.ﬂ

PROPOSITIO XIIL

A Nguli deinceps fimul fumpti (4C D

p p. DCB) equantur dwebns argulis
7 i‘. o ) .o .

Ex pun&to-C erigatur-.(.n-{._) pérrendi-
cularis CE; erit conffrangulus ACD, dép-
to ipfo ECD, 2quatis iofi re@o ACE »atqs
DCB, addiro ipfo ECD, 2quatur ipfi reo.
BCB: Ergo ACD pl. DCB zquantut duo»
bus re@is [ nam ipfe ECD, ob conrrariss
notas plus, & minus noh coputatur1Q.E.D.

COROLL.1.Hinc fi unus angulus dein-
ceps rectus {jt, alter etiam erit reCtus, & fi
unus acutus; alter erir obtufus . )

2. Siplores re@zad idém punftum eid8
rc&zlinﬁﬂant »> anguli fient dycbus rc&tis
uales . '

3. Doz reftz invicem fe fecantes effi-
ciunt anguolos quatuor re&is zqualcs.

- 4. Omnesanguli circa unum pun&tum
congtituti , conficiunt quatuor rectos .

"PROPOSITIO XI1V.
S’I ad aliquam relom lincam (DC)atas,
" ad eins panltim (C) dua el linek
(AC, BC) “"Aﬂf:lmpﬂm dnilia,”

angulos

SRS o N S S

¢

T,



8 Elew. Euclidis
angulos deinceps (AC D, pl. DC B) duos
bus refis aquales fecermtiindireGum eruns.
i”t"j“- ! ;‘ ' - ‘
~Nam fi id negaueris ; fint AC, CE fibt
in dire@um; ergoangulus ACD pl. DCE,,
13. ;1. zquantur duobus redis, qui byp.
zqu.angulis ACD pl-DCB : ergo, dempto
communi ACDs-erit, 3 ax., DCE zqualis

ipfi DCB, parstoti (LE. A,

'PROPOSITIO XV.

Nguli (4, B) oppofiti per verticem

- D aquantur fibi mutno . N
Nam A pl. D zqu. 13. 1. duobus re@is
uti & ipfi B pl. D, ergo dempto communi.
D; ipfe angulus A, 3 4x.,zquabituripfi B.

" SCHOL. 1, Siad retam lincam , atq;
ad eiusdatum pun@um duz re@z lincz nd
ad eafdem partes fumptz angulos ad verti-
cem xquales fecerint ;5 ipfee reéte funt ibi
in dire¢tum; quod colligitur ex trbus pte-
cedentibus .. :

2. S1quatuor reéta linezex €odem pun-
o ex(iites angulos oppafitos ad verticem
zquales fecering; erunt qualibet duz in di-
reétum pofitz ., :

‘PROPOSITIO XVI
CVinfcnuquc- trianguli ( 4BD ). uno
~ lagere produio (A D) 3 exit angulps.
externus (BDC) . major utralibet interno 5

@ oppofio (4B Dy BAD),

’
L PN

Di-
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. Dividantur, fo. 1. bifariam latera BD
inE,&ADinF,& perpunfa F, & E ex
punctis B, (&B{:\ duggnaur rEe&z-, i"?; /Eg
zquetur iphhBF , &re@a EG ipfi AE »
du{;amur&?, HD, &ttahaturgl) ggg
retum . Quoniiergoin 3glis BEA,G
Iatera BE ,d\li mifantu;?scwﬂr. laccribus.
ED, EG,&anguliinE, is. 1. 2q. inter
fe 5 enit, 4-1. angulus ABE 2qu.ipfi EDG,,
qui minor eft toto BDC . Deindé in trid-
gulis AFB, DFH hiera AF, BF xquancur
confir, lateribus DF,HF, & ,15. 1. anguli
inF z}uamur fibi mutuo ; ergo, 4. 1. an=
gulus BAF zqu.ang. FDH, qui minor ef?’
toco ADK, qui, 15.1.2qu.ang BDGC; ergo
BAF minoreft ipfo e}:cqmo BDC:.QE.D.
- PROPOSITIQ; XVIL. ¢ ¢
V1ufcanque trianguli ( ABC ) dno,
- angulyfimit [wmpr# ,- dicobus né?:g

* Junt minores omnifariam fumpti .

Siquidé ACB pl. ACD zquantur, 13-1.
2-redtis, arqui, 16. 1. ACD major eft
tam ipfo A, quim ipfo B ; ergodeq, ACB
pl- A, neg; ACR pl. B conficinnc dupsrec-
tos ¢ idetng; patebit de¢ A pl. B protradtis
lateribus ulera Byvel AL Q.E.D.- |
“"COROLL. 1. Hinc in omni triangulo
cujus unus angulus erit rectus, vel obtufus
reliqui erunt acuti . . ) .

2. Ownes anguli trianguli zquﬂate‘_n »
uti & duo anguli qui funrad bgﬁm 1o e-
e acuti fung .« ‘

Ag ' " PRO-




.xe  Blen. Enclitls
PROPOSITIO XVIIDL
IN omni tviangnlo (ABC) anguinsille
major et qui opponitur majori lateri
(4¢) L :
 Fiat AF 2qualisipfi AB,& fist CD zqua=
s ipfi CB, & ducanwur, BD, BF : eritergo
anguhis ABC ma;. 9. ax. quim ABF, 2qu.
5-1. ipfi AFB, qui, 16.1. major quim C ;
crgo ABC mijj.cft ipfo C « Jeem ABC ma-
jor eft ipfo DBC, qui, 5. 1+ 2qu.ipfi BDC
qui, 16. 1. ajor eftip®d A ; ¢rgo AB
wajoreft quim A. QE.D.

PROPOSITIO XIX. -
N ommitriangulo (ABC) latus illud
majus eft , quod opponitur majori an~

m(ﬂ) R v ' L ' . ‘ )
. Nam § AC aquaretar ipfi CB; effet,
§.1._angulus B zqualis ipfi A; contra
bﬁg. Itd etiam fi AC maior effet 1pfo BC 3
effec , 18. 1. angulus B major angulo A

contra byp. , o

PROPOSITIO XX.

I N omni triangulo (ABC) duo latera:
fimul fumpta (AB pl. BC) tertio
(AC) majora funt. ‘
_ Trahaur CB indireftum, & fiat BD
zqualis ipfi BA, & ducatur AD;erit, 5.1.
angulus BAD =zqualisipfi D. Igirur angu-
Ins DAC utpoté maj. quim DAB , major
etiam crit quam D adedy; 19.1. DC
{AB p1.BC] major erie qua AC. l%%) D.

VE b P o s B . PV i T .=

yreyys
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Liber Primiis 1t
PROPOSITIO XXI.
S' T [uper trianguli (AC B bafim { AB)
D «b e)ns extremitasibus dua vella linca
(AD, BD) conflituta fuerint s ba fimnl
Jumpta minoves evwut duobws tvigngnlila<
tevibus (AC pl. C B) fimd fomptis , [ed
majorens angulam conflituent . )
Quoniam enim AC pl.CE ,20. 1. maj.
funtquim AE ; fiaddasutrig;ipfam BE;
crant AC pl. C B maj quim AE pl.EB.
Irem DE pLEB maj.fant; 20.nqud DB:fi
ergo addasutriqsipfam AD; erunt AE pl,
EB m2j.quim AD pl. DB; e}r}go AG
CB longé maj. quim ADpl.DB. Q.E.D.
Tum angulus ADB , 16. 1. majcr cft ans
gulo AEB , qui, 16-j. majeftipfo C:
crgo ADB maj. et quim C . Q B.Ds
PROPOSITIO XXI{
X tribasdaris lineis (A, B, C,) qua~
1 . rumdue fimul fumpta maiores fine
qudm tertia, tvi angulum efficere .
Ex linea indefiniia DH fumetined DE
2qu.ipfi A, lineamn EF zqu.i« {i B,& lired
FG 2qu.ipfiC s Ti centro F, & interval-

lo FG fiat unus ¢ircujus, ug; tum alter cé-
tro £, & intervallo DE . Ex riito ergo K

ubi circuli fefe m%’ fecang ducantur KF,

& KE ; dico f2&ir; Nam A conflr. ipfi DE,
& hze , 15.def. tpfi EK zquator : ita-etiam
zquantur C, GF, & FK fibi mutuo, atque
demum ipfa Beonfiniphi EF, aleogszglum
FKE &t cft ex lineis dazis A'B’CﬁlQ{g.F-



'3 Elem. Fuclidis
PROPOSITIO. XXIIIL
AD daum yrétaw lineam ( AR).de=

tumg; in ea puniium (A). dato an=.
ulo rellslineo ( E) angulams, qqm;lg_m» re=.

Gilinewm (4) cavflituere ,

-Duc re&am&umunc}) ; fﬁcx tu?zgmx
5y .

tl‘lan"gulum alteri EGF 2quilaterum, itauc’

lemipi EF: Tufuper
Cipfi EG zquetur, &DC lpﬁ FG;erit,

‘8 1. angulus A zquahslpﬁ (UE.R

!

PROPQ?ITIO xx‘w

Sz’dua Priaigula (ACH ! AC‘D) has’
beant dup lqu’ra agyalia_ duobys late~
ribns wtrangs wtvigs 3 it verd vertex unius,
(ACB) siaioralterius vertiee { ACD ).
erit etiamillius bafis (AB) maior alterius
bafi ( AD) s

Difponarur itd tnangula, data,ut AC fit
utriq; latus commune , & latus CD unius
& 1ugturalterxus lateri ‘CB,& dicatur DB,
Cuonid trgoangulus ADB 9. 2%, fmaj.
etf ipfo CDB, qut, 's:1. zquat ipfi CBD
qui, g #x. mii. cft ipfo ABD;erit ADB:
mai, quimABD'; crgoy, 19 x. lmea A&
max.eﬂ quim: AD. Q_ ¢ :

PROPOSITIO XXV.

I duatriangula (ACB, ACD) habes,
ant duo latera aqualid duo bus laserie
tus,umm 'oero baf 5 (18) ma)ar fivaltes

rise.

- ——— e — e e e
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Liber Primus 13
rius bafi (AD); eritetiam illius vertex
(AC B) major buins vertice (ACD)

Nam fi d'xeris angulum ACB zqualé
efleangulo ACD » ob zqualitarern ettam.
laserum hos angulos intercipientium; erity.
4 1- AB 2qualisuli AD, contra byp.

Sin vero dixeris angulugn ACD matoré
efleangulo ACB; erit, 24.1. ipfla AD
maj.quam AB contra byp.

PROPOSITIO XXVI

I duo triangula (ABC, DERF) babeit
duos angulos aquales duobus angulis
(1pfum B ipfi-E, €7 ipfom C ipfi DF B)
babeant verd, & latus aquales angnlos in=
teriacéns, vel ipfisadjacens dqudle s aqua<
bintur quoad veligua omnia .

1. Hyp. fitlaths interpesns BC zquale’
interjacemtt EF, dico ettam latus ad Jacchs.
AB &quariadjacenti DE . Namfi dixeris.
ipfum DE majus effe quim AB, fiat HE
zqualeipfi AB, & ducatur HF; ergo, 4.1.
aquabuntur triangnla ABC, HEF, adeog;
angulus HFE zquabicur ipli C, quibsp.
Zquatur 1pfi DFE, ac proindé HFE ®=quab..
ipfi' DFE, pars tott: Q. E. A.

.2.. Hyp. Sit latus. adjacens. AB aquale
adjacentt DE : dicoetiam fore haus in-
teriacens BC zquale interjacenti EF . N3’
fi EF majuseflet quim B€,fat EG aquale-
ipfi BC, & duc. DG+ etgo,4.i.3gla ABC,
DEG #quabiitur, 4c proindéangul. DGE
zquab. ipfi C;. qui byp. zdaator ipg b:E,

- adeoy;



14 Elem. Eucl"du _
adeoq; DGE externug’ zquare: uriﬁtemo
DFE :qudd, 16. 1. E. A.»

PROPOSITIO XXVII.

VT in duas vellas bineas( A4 B.CD) refa.
incidés (E F)alternos angnlos(ABF;-

DFE) aquales fecerit 5 parvallele erunt
inter [¢ ip[e linea (AB,(CD)

Nam  dicantur non effe parellz; con-
venient ergo ulterius produéta , ut pyta in
pun@o G, atq; tum angulus AEF tanqui
externus , 6. I. mqqrent interno DPBs
contra byp . :

_ PROPOSITrO XXVHT i
T in duas velias lineas ¢ 4B, C,D) reéla.

incidens linea (E F) externum angue.
luin (4G F) interno ad eafdem partes op
pofito CHG aqualem fecerit , aut internos
& ad eafdem partes (AGH.CH d’,cqu-
les duobus reclis ; parallele erunt inter fe

ip[a linea (4B, CD) :
" 1.Hrp. Quoniam byp. angulus CHG'
z«)mmr ipfi AGF, qui, 1§.1. aquaturipfi
erunt ,27. 1. paralle!z mter fe ;pﬁ:

AB CD. Q.E.D.

2. Hyp. Quoniam byp. sngul, AGH ple,
CHG =zquitur 2. reétis,qui , 13. 1. Zqui-
r xp{s AGH pl BGH : dempto comunt,
AGH; erit 3 CHG =zqualis alterno.
BGH: adeoq 21 1. AB,CD erunt. pa—
rallelz. Q-E. D,

PRO-
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PROPOSITIO XXIX.

]Nwdlda roélas lineas (4B, CD)
refia incidens linea ( F E) ¢ltervos ane
gubos fibi mutwo aguales, mti iy internum,
@ cxternum ad eafdem partes oppefitanc
inter fc aquales ; atque demnm internos ad
eafdem partes duobus rellis aquales faciet,
Quoniam AB, & CD' ponuntur paral-
Ielz ; valt Evclides, apgulos internos ad
eafdem partes AGH pl. CHG 2quari duo-
busreétis. Sed&, 13.3. DHG pl.CHG
aquantur 2. rectis : ergo dempto commue
ni CHG ; erit 3.4¢. DHG 2qualis ipfi
AGH), qui pratessa, 15.3. mquatur ipfi
BGF. Q.E.D.
COROLL. Hincomne pacallelogram-

mum habens unym angulum reGum cft
sectangulum -

PROPOSITIO XXX.

Varellelines (AB,EF) eidem CD
Juntparalicla, funt esiam inter fe
pdm”t I‘ . : ;

Quonii enim AB eft parallelaad CD;
erit,200 1- 3ne. AGH 2qualis dng. DHG «
& quoniam CD ponitur parallela ad EF ;
erit, 29. 1, ‘angulus DH(} aqualisangulo

. FKH: adedq; 1.4 AGH 2quatur ipfi FKH

atque praindé, 27.1« ipfe linex AB, EF
funt inter fe paralelz. Q, E: D. ‘

‘ PRO-



16 Elm, Iudldlt\

PRO POSITIO XXXI..

A dato pun&o (C) date relle lmm
(48) pam!lelam rc&m h?mm

cbhy ducere et
Expun@to C dmmur uteunq; rc&a CB

inipfagydatam AB, & , 2 3.:1. fiatiangul,

BCD zqualisangulo ABC : Tgitar 527.1.
ob angulos al:¢rnos a:qualcs scrit C D P“,“,

rallclaadAB Q.EF.
PROPOSITIO XXXII.

I N omni m:mgulo ( ABC ) ung latére
produtls ( BC in DY externys apgnius.
(AL D) aguatsr duobas internis oppefitis:

- (A4l B) atque omnes angalifimul fmﬁptw

equantur dnobns reflis,

Ex punéto C,’31.1. duc CE parallelam’

ad BA: eriv, 29- 1. alrernus angulus ACE
& jualis a]cemo A, & cxternus ECDaequa—
lis iuterno oppofito B : ergo'totus ACD
zquatur A pl.B. Q. E.D. Tum ACDpl.

373 1+ 2quater 2+-tedis : atqui ( #?
#rius) ACD zquaturipfis A pl.B': érgol
?ch pl. A, pl.B zquantur duobus retis-

P ROPOSITI (9 XXXIH’.
Inea (4C, B D)que reé?as’ AB,CD)

parallelas @ aquales claudunt, funt.

@ lpfa intev fe aquales, & parallels..
Dﬂﬁag
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Ducatar AD; ob.AB,& CD parallelas,
erit ,29. 1. angulus BAD zqualis ipfi
CDA, fed byp. AB zquatur ipfi CD,& AD
eft communis : ergo,4.1- AC, & BD
2quantur, & angulus CAD angulo BDA;
adeog; 27.71. cttam AC, &BD funtin-
ter ¢ parallelz. Q_E.D. :

PROPOSITIO XXXIV.

N omni parallelogrammo diameter di -
A vidit figuram ipfam in duo triangula
#qualia quoad fpatia , angulos, < latera .

- Siquidem ob oppofitas parallelas : anéu-
lus ABC angulo B%.B » &angulus ACB
anguloDB(.B aquatur : fed & CB eft com=
munis : ergo, 26. 1. triangulum CAB
2quatur triangulo CDB, latera latenibus, -
& anguli angulis. Q. E. D. .

PROPOSITIO XXXV.

sl duo pavallelogrammata (AD, AH)

conflitnta fint fuper ecandem bafis
(AB) & inter eafdem parallelas GH ,
(AR).: aquabuntur intex fe .

Quoniarh enim in' 3glis'ACG; BDH Ia~
tus, 34. 1. CA ipfi DB & latus AG lagesi,
BH zquantar, & CG ipfi DH ( nam CD,/
AB, & GH, 34. 1. ®quantur ,ac proxp«lél
etiam 2.4x. CG , & DH ) erunt, 8. 1. ipfa
triangula zqualia inter fe : ergo dempto
utrinque 3glo DKG , & addito utrig; zglo
AKB :ent, 3. & 2.48. AD zqu. ipfi AH.
QE.D. . ‘

PRO-

~=
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PRO l’O SITIO XXXVI-

7 dno pavallelogrammata (AD, EH y
I conflituta fint [uper aquales bafes’
(AB, EF) & inter eafdem parallelas;
aqnabuntuy [ibi mutud .
Siquidem , 27. 1. AD), zqu ipi AH,
quod zquaturicfi EH : eago & AD zqu-
ipEH. Q.E.D.

PROPOSITIO XXXVII.

S 4 duomangﬂa (4B, J!GB)mﬁ',

&S tutafint fuper eandem bufim ( AB)-

& inter eafdem paraliclas; dquadumur

[ibimutnd., . N
Ex codem pundio B, 3r. 1. ducantur.

BD parallela ad AC; & BH parallcla ad

AG;erit, 39 1o, AD QU

atqui, 34. 1. triangalum AC

fius AD, & triaviguli AGN=} lp(ms Al-f:

ﬂgo ,64& AQE Q‘lmﬁtm AGBA

PRoPosrno XXXvnr

T dua trisngula ( 4C B, EGF) canfii=.
tutafint [uper aguales bafes ( 4B ,
BF) Cpinter cajdem parallelas ; agua~.
bunenr [ibi mutud .
“Siquidem ACB, 27- 1. =zqu. Ipfi AGB,
u ,34.1 ipfi GBH zg ’ 37. 1. ipfi
ACB rzgéé Hopp p, o o &
ip
o PRO-
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PROPOSITIO XXXIX.

| Sl duo triangula aqualia conflituta fing

T e

Juper eandem bafim ( 4B); crunt etid
int er eafdem parallelas (CM, AH)
Nam fi dixeris,verticem alterius triane
guli cadere in D, vel in E,ducatur 1B: eric
ergo ADB /. bsp. 2qu. iph ACB, zqus
37-1. ipfi AlS, ergo,& ADB ipfi AlB,nars
toti: vel AEB zquabitur, f.byp., ipfi ACB,
quod 5 27.1. 2zqu. A18, adedq; zquagetnr
AEB ifﬁ AlB, toul B’ni . QE- A,

_PROPOSITIO XL

S I duo triangula aqualia conflisuta fint
VD fuper aquales bafes (AB, GH); eviit
etiam inter tefdom pavallelze, .

Nam fi dixeris,aleerius verticem cadere
imE ,velinF, ducatur MG ; erit etiam
GFH, vel GEH , 1.byp. ; 2qu. ACB, zqu.
3%. 1., ipfi GMH : adcoq: totum paru ,
vel parseoti mquaretur. Q E. A, :

PROPOSITIO XLIL

. SI inter eafdem parallelas [CE, AB]

& in cadem bafi confistnta fint trian~
gnlum [ ACB] & perallogranii [AET3
boc erit du- plum illsus . v

Ducatvr BF parallela ad AC erit ergo,
'35. 1. AE zqu. ipfi AF, quod > 34. 1. du~
pl eft crianguli ACB ¢ adeoq; AE du-
plym erit ipfius ACB . Q.E.D-

PRO-



20 Elem. Euclidis.

PROPOSITIO *XLIIL
Ato triangulo{ AC B7] equale paral~

lelogrammum coniflitueve in dato an=

gulo refhlineo [ X] Gt

-Dividatur . 10. 1. ABbifarfamin F«,-&'

ad pun&lum F ,23.1. fiatang. BFD zqu.
dato X. & ducarur BE parallela adFD ;

dico fa&tum:nam parallclogrammum FE,
41-%., duplum eft trianguli FCB, quod
38 1.- &qu. triangulo ACF :'adeoq; FE
aqu.toti ACB. Q. E.F. . ©. . ..

PROPOSITIO XLIIIL

lemxi parallelograrnmo [DXLH ]
- complementa funt &qualia,. i -~
Siquidem , 34+ I+~ diagonalis KH divie
dit fingula parallclograminata per qua tri-
fitin duo triangula zqualia : ergofi 4 trid-
Eulo KDH demas 3glumKCF, & 3glom.
EH, & demas 4 tuangulo KLH 3glum
KIF, & 3glum FGH : fupererit 5 3. ax, FL
zqu.ipﬁ?’D. Q.E. )

PROPOSITIO XLIV.. .

£ D dafam reftam lineam [ AB ] dato * -

triangulo [O7] equale parallelograms
mum FL applicare in dato angulo refili=
nol{Z7 . ]

Fiat ; 42. 1. FD zquale triangulo O,
itaut angulus DCF zquetur anguloZ : T
prorrahatur CFin dirc @i, & £1at FG zqu.
ipfi AB :tum per punétum G ducator 1Gl-{

paral-



~
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parallela ipfi FE donec occurrat lingz DE

rotraltz in punflo H: deindé ducatur
giagonalis HF donec occurrat ipfi DC
protraltz in K., & ducantur caterz faral-
lelxe ; eric, 43, 1. complementum FL 2qu.
FD,zqu. conflr. ipfi O : atqy angulus LGF
29.1. angnlo DCF, zquicenfir. ipfi Z.Q.E.F..

PROPOSITIO XLV.

‘'R D datam veflam lineam (CA ) dato
reililineo(X Z) aquale pgrum (CE)

. sonflituere in dato angulo (M)

Refolvatur datum Re@ilineum in 3gula
X,&Z: &, 44.1.linez AC applicetur in
dato angulo M pgrum CB zqualeipfi Z :

- tumproducator CD- verfus F, & ad re®tam

DB applicetar pgrum DE aquale iEﬁ)X $

 eritconfir. XZ aqnale CBpl. DE(C

PROPOSITIO XLVI.

Data rella linea (AB) quadratavs
defcribere..
_ Super datam AB'erige duas perpemdicu-
“lares' AC ', BD'; erunt,. 28. 1. hax inter fe
parallelz :fiant etiam zquales; ergos 32+ 7o
erunc pariteripfe AB', CD inter fe zquales,
& parallelz :- Quoniamigicur confir.angull
A, B reéti fane ;- erunt etramy, 29. 1. recti
ipfi anguli C, D ; adedq; figura deferipta

" eft quadratum . QE. F.

.~ PRO-



13 Elem, Euclidis

- PROPOSITIO- XLVIL
YN omni triangulo reangulo (-ACB )
A quadratuns lateris ( AB) angulum ve=
Ctum [ubtendentis aquatur quadratis reli=
Guorums-laterum fimul [umptis o '

Ducatur CK patallelaad BE , & trahan<
tur I pofr. czterz occultz . Quoniam be.
aquanturFA,& AC,,uti etiam AB, & AD,
mecnon » 10- & 2.ax. anguli FAB, (FAC
pl. CAB) & DAC (DAB pl. CAB); zqua-~
“buntur, 4. 1. 3812 FBA , & ACD : atqut,
‘41 ¥ parallelogrammum A M eft duplum
trianguli FBA , nam ,byp. & 14. 1. MBeft
-una recta , atque pgrum AK eft duplum
‘2gli ACD: ergo,6.ax. zquantur.intet fe
AM, & AK, & codem prorfus modo often-
degut, zqualia effe inter f&8 BN., & BK ,

adeoque totug ABq., zquatur ACq. pl..

CBq. Q.E.D.: .

SEHOL. Nobiliffimam hoc Theorema.
debemus antiquiflimonoftro PYTHAGO-
RZ : atq; ejus-porrd beneficio perficitur fi=

- guratuin redtilinearum quarumcung; addi~
- t1o, & fubtractio, & complura alia fcitu nen-
. imjgeunda; quaz vide-apud Clayium.

"PROPOSITIO. XLV

IN omni triengulo ( ACB') angulus

( AC B ) cuius oppofitum latus (A L)

«qre potrfl , ac eatera latera ; veusef?
Supra CB ducatur perpendicularis CD
: Zqua-

et

PR
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(hqlu iplr AC, & trahatur DB ent, b;p.
zqulle ipfis ACq. . ply gua .
Dq. pl. CBq. quibus 47. x.zquatur Bq.
Ergo 2quantir inter fe AB, & DB, fed & .
tonfir. zqtiantur AC., & DC, & CB @t
commufiry; etgo; 8. 1. angu\us DCB,qui_

ex conftrutione xe&uscll uatur an ulo‘
ACB « QED e &

-

LAVS DEO¢ ~..

-




LIBER Ik
DEP'INITIQ,.K

Ineam. in lineam Jucere , eft:
. Re&tangulum. fub illis effi--
A\ cere.. Id' autem. non fit per
. multiplicationem; fiquidem:
§ linea,. millies.fumpta , Aun-
figuram producere, fed rntids.

quam:pol d L
fiintelligatur una.moveri perpendicu
juxed longitudinem alterius ..

AXIOMA.

SI Tongitudo xquatur Tongitudini , & lati~
. tudo: laticudmni ; erithm, Rectangulum:
xquabitur Retangulo.. .

POSTVLATV M.
L Iceat lineam dicere inslineam ..
MONITA.
1 P;;Rim‘c decems: Propofstiones ‘valent in
T quantitates.tam-continua , qudm di=

fereta:, five in nwmeris.;; relique.verd tan~
tim.i8-Continya. :

ari;;;:‘

2. Siquis, majoris clavitatis gratia; ves

Yit decems-primarum: Propofisionum: demon =
Prationes yuxta metboduny Commandini 5
eas videat im Appendsce poft Lib, X V.

_BRO-

{

l

A



/ | Liber II. a3
PROPOSITIO I

1 dewtuy dua reCie linea (Z, X ), qua=
mmaltera (X) fitintegra alteva (Z)
verd fella; Reflargwtum (Z X) compre=
benfum fub duabus integrisacuarnr reld=
gulis comprebenfis fub mfella , ¢ fegméE~
L tisalterius . Demoofirantur he qua=
I tuorprima pct multiplicationems fpes
ciofam ex precédeanti axiomate .
Nam, byp. Z #qu.  a pl.b.

aqu.

oy

. M GRS ey GENES

Ergo + XZ wqu.  aX,phbXi
. . T 'Q.E.D.
PROPOSITIO 1L

S I rda (2) fela fit mcmg:e: erit
quadvatim totius aquale reBangulis
comprebenfis [ub tota & quolibet fegmens
torum, R , .
‘Nam, byp.Z #ge. . aphbe

) YA L

aqy.

L - R L -
Ergo ZZ agu.  al pi.bL.
. h . N Q~ " D

PROPOSITIO &1k

S I rea(Z) [efla fit utcunque s cvit

rettanguium fi ubtota , & Bnd ipfius
! B fﬂrf!

i
N
|
!
{



a6 Elewb. Euchidis
parte, aquale quadrato ejufdem partis,ma
cum reflangulo comprebenfo [ab partibus .
Nam, Hip- z C aam. _s pl.b.

Ergo, aL 3:4. e;plab. N

- ,_; Paoposrno 1V

T refa (Z)fe&aﬂmm erit
quadratum  totius equale quadratis
yartmm nnd cum binis yellangulis com=

prebeafis fub pastibs
New,Hyp. Z  wgn. apLb
: «qu, aplb

. Erge. Zi— aqt._aa_ pha2.ab plbb
QE

PROPOSITIO V.

Foelin (48> felta ﬁuqmlr‘m (in €)

& ingqualiter (in D) 5 erit quadra=

tum dimidia aquale quadrato partis intere

medie uynd cum vella-gulo comprehenfo
Jub partibus maqualibus .

Dico CBq aquariipfis CDq. pl ADB.

Nam

CByq. 74.2.] 2.)

Equ 4 (,Dq p! BDq pl.CDB pt. CDB( 3.

bzc | CDg. pl. CDB pl. CBD [n 2]

CDgq-pl. ADB. QED
Aou,



—————

LiderV I8, 134
. Nore, Qaoniam AB divifa ¢ff squalicer
. inC,idem effe reéangolum CBD , ac gc-
, @angulum comprehenfym fub AC,& DB-

PROPOSITIO VI.

Slmﬂc (A4B) fosetar bifarion (is )
o itk mepums (BD) adiiciateey §
et

(408 ) fub teta comper
fia & siplamicum (CBy) quisdraty

semidis apulc f (C D) quodrre s
compofita ex dwmdia. & adiells

Do avipicy qunqﬁcng

AD Byg(3:3)
Equ rC q.pl. BDq pl. ABD (x.z.)
1 BQ-pl.BD pla2. §BDC4 ‘a:)

“Noras, 'Qmmnm AB dunﬁ eft bifasiam

in C idem effe fi duxrig lincd BD primé
in AC, &deindd nCB, ac i lﬂambls
duxcnsxr CB.

PROPOSITIO VII..

SI reéla (AB) fecetur utcung; (inC)3
eritquadratum totins und cam qua=

drato unius partis aquale binis reCangwlis
Jub tota, & eadem parsc and cum quadrae

to alterius partis .
Dico, ABg pl. ACq. agueris. BAC
pl CBg. Nam (

- (RS cncn

2 BACE!ZC Bq 1\ R




‘8 .Elﬂ". E“’ldl‘
. Nory Quoniam[3. huj.] BAC @quatur
ipfi ACB pl: ACq.ided, 2. BAC &quari
z.ACB pl.2ACq.

PROPOSITIO VII.

T resta( AB) [ecetur uteung; in(T);
} rveltangulum (A BC) quater compres
benfam fnbtou (AB) & uno fegmento
{CB) xnd cum ( ACq.) quadrato alterius
Jegmenti, aquatur quadrato lmee compofi=
ta x tota(AB) & diflo fegmento (C B).
. Nimirum fiat BD aqualis ipfi CB3
Dico, ADq. equari 4. ABC (4B D) pl.
ACq. Nam .
r:l?q pl( BD)q. pl.2. ABD (confr.)
ﬁg < ABq. pl. BCq.pl. 2. ABC (7.2.)
xc | 2ABC. ¢l. 2. ABC pl. ACq.
" U4.AECpl. ACq. Q.E.D.
Wera , Quoniam BD, & BC zquam:ur 5
idem effe BDq. ac BCq qum &ldcux effe
ABD, EC AB&

‘ PROPOSITIO 1x.‘

SI rcﬂ'a (A B) fecetur aqualiter (in C)
& inaqualiter (in D); erunt quadra~
ta partivm inequalivm fimul fumpta dns
plaquadratornm partis dimidie s & partis
intermedie .

Dico, ADq. pl.D Bq. aquari 2. C BY.
tl.2.CDy, Nam

ADg,
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ADq pl. DBq ﬂ"-
‘ DBq.pl ALq.pl éDq pL. 2.AClg
q p q.p pl.2. 7
DB 1.CBq.pl.CDq.pl.2.BCD{7-3
% pl.CDq. pl.C pl CDq.
q- pl.2. CDq. E. D.
Nota, Q_,omam AB fecta e(t zqualiter
'in C, idem efle ACq. ac CBq. quinimod
idem efle ACD, ac BCD.

PROPOSITIO X.

SI refia (AB) fe&a f ¢ lnﬂzmm(m o),
eique quapiam (B D) adjiciatur; eriit
(ADq. pi. BDq ) quadrata totins coms~
po[‘m,v adjee fimul fumptaydupla qua=
dratorums (UBq. pl. CDq.) que eferi-
buntur fuper dimidis, & fuper compofita
¢x dimidia, & adjelZa, fimul [umptorum.
- Dicoy ADq.pl. 8 Dq. aquari 2. CBq
pl. 3. CDq. ’

Fiat EA zqualisipfi BD ; Quonii ergo,’

. ¢oflr. 2quantur AC, &CB, vii& EA, &

BD; zquabuntur CE, & CD , vii & EB
& AD ; adeoq; linea ED erit feéta zquah-
terin C, & inzqualiterin B. Igitur &’9 \2.)
EBgq. (ADq ) &1 g%l aquabitur 2. Bq-

pl. 2:.CDq.
PROPOSITIO XI,

D Atam reflam (4B)itd fecarc. ut reQ
&angulum comprebenfuns [ub tota
(A B) & altero fegmentorum ( B G) aquce

. twr quadrm (AG'g ) reliqui fegmenti .

, Super



[V Elew. Ewtlidis -

Super AB (46.1.) deferibe quadratum
AC: wum, 1o 1. latus AD feca bifariam
in E,1um duc EB, &ex DA produta fume
EF zqualemipfi EB , atg; demam ad AF
Ig;tue, 48-1. quadratpm AH ; dico faftum;.

DFA-DH) pl EAq.[6.2.]
"3"" %qu (EB E )[47:1]

Ergo,z.ax Dquuatnnpﬁ ABq.(CA)
ad oq: demotocominuni 1A ; erit, 3. ax¢

enﬁLB,hoce& aquabuncas
A?G,&AGQ QEF

Moposnm p:¢ ¢

Iﬂmw 3glo obensavgule (4 8C) mue~
‘deatum baseris { AC) obtufum angwiil
Jubirndentis quadrasa loterwm retiqworven
excedit. duobus reangulis ( 3, CRD) ci=
prebenfis & ab uno.(BC) laternm, guasiit:
errea obtufunpanguluns (ABC),.inqued ,
cwm protr&Fum fuerit , cadit prrpendicn
lans(AD). @ ab affunspta. extevius linea
(8D), augubuku{um » Orrelum in-

terjasente '

Dico ACq equariipfis CB 48
pl. 3. CBD. Nam*r .05 454

(A<
Equ. § Con VA,
hﬁ‘j Aog;fn crg phmq 12, CBD
chq n.asq.,u CBD-QE.D-
PRO-
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'paopcsu'rlo Xiil.

IN qmunquc 3glo (4BC) gmadratams
lateris ( A B) .acwtim angalsm 4C B)
[ubtendentis, & quadvatis laterum religuor
rum excediturvetlangulo(BC D) bis come
prtbmfo » & abuno laterum { BC), qua
Junt. civca acutum angulum ( ACB ), in
quodeadit-pevpemiicularis ( A D ) ab ops
pofito angulo , quem [ubtendit, ¢&r ipfa
(DC) angulos reétum, & acutum(AC B)
interjacente .

Dico,ACq. pl. BCq. aquariipfis ABq.
pl.3. BCD. Nam

ACq. pL.BCY. {47.1..
K [BOo AL ADL o
bzc ‘ ADgq. p! (D‘l o)
Notsy Nom cht Tbe.tema ad
3gla acmnggh,fd um baibesc in om-
nibus 3glis : & guamvis dicularis.
cadat exira 3gbem , tamen.
femper eadem s .. :

PROPOSITIO XIV.,
D.Ato relilineo ( A) #qualequadratnns:
conflitucre .

Fic(45.1.y Rglum DB zqualeipfi A :
tum latus majus DC produc , itint CF
zquetur ipfi CB, & bifeca, 10.1. DF in.

P Bs G,



3: Elem. Euclidis
,atquc ex G per F fiat circulus : tum
oducatur BC ia H , & ducatur (;H;

lco CHgq. zquari 1pﬁA . Nam
A am r)

CFJ (g:2.& 3ax.)
Equ ‘ GFq minu ] Eq. [Cg"/l: 1
bzc [ GHgq. mzanCq (47.1) -
LCHq.

LAVS DEO..

. LIBER
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DEFINITIONES.

. Equales circuli , funt quo=~

s rum diametri funt zqua-

les , vel quorum, quz ex

\ centris re&ta linez, funt
IR 2quales .

2. Re&ta linca circulum rangere dici-
tur, quz cim circulum tangat, fi produca-
tur, circulum non fecac .

3. Curculi fefe mutuo tangere dicuntur,
?UI fefe mucud tangentes, fefe mutud non

tcant . :

4 Incirculo 2qualiter diftare 4 centro
reétzlincz dicunwar, cim perpendicula-
res , quz i centro inipfas ducuntur, funt
zquales. Longtus autem abe(fe illa dicie
wur, in quam major perpendicularis cadic.

5+ Scgmencum circuli eft , figura qua
fub refta linca & circuli peripherta com=

_ prehenditur ,

6. Segmenti autem angulus eft, qui fub
re&ta linea & circuli peripheria compres

* henditur .

7. Infegmento autem angulus eft, ciim
in fegmenti peripheria famptum fuerit
quodpiam punétum, & ab illo interminos
re&tz cjus linex , quz fegmenti bafis eft
adiundtz fuerint reGtz linez : is, inquam,
angulus ab adiuadtis illis lineis compre-
henfus. =~ : :

8. Cum verd comptehendentes angue
lum’ié@z lincz aliquam aflumunt peris,

. Bs © phenam,



34 Elem. Buclidis .

phcriam, illi angulus infittere dicleur .
* 9 -Scftor autem-cireulieft, cim a

fius circuli centruin conltizutus fuerit an=
gulus, eswprehenfa nimtiuni figura , & 3
rechis finuis sngulum continenubus, & 4
periphunia ab1ilis alampra .
- 10. Simiilia eiteuh fegimenta funt; quz
angulos capivnt @#quales : aut in quibus
angul: inter.fe funcequales ..

PRO POSITIO I:

Ati Civenli (ABC D) Centrum i~
venire, '

. Subtendarur: AC utcurqute; quam, 10-1;.

bifariam fcain punéto E. perquod , 11-1

ducatus. perpendicularis BD, quam, 16:1..

btfarianh feca in 5 Dico, punttum Feffe:

éentrum quafitum. Nam fi dixeiis , cetrs-

tremefie in pun&o G, dutlis GA, GC, -

GE ; 2quarentur,.15.2¢£.1. GA , & GC ;.

fed &, conftri zquantur AE, & EC, arque-

GE cft-communis:; ergo. 8.1. quarentut:
arguli GEC, & GEA, ac rroindé uterque:
reltusefl: t3:adecque GEC 2quaretur ipfi:
EEC , qui, confir._te@us. cft, patstoti..

I.A..

PROPOSITIO IT.
Y I'in. Circuli. Peripheria duo puntia:
: (A, B) [wmantar; rells (AB) qua
punla cinfmodi-couedlis , evit: tora intra:
circelum.. - . ’
Ducantur enitts CA;CB;, & CD utctine-

que.. Quuniam, 16.1. angulus GDB maj..

cft:



- Liber 11T, s
Hqin Aatl',s-x.uqumumz. B ; eric
promds, 19,01 CB.amay. quim CD s ade 0qs
Pnium D e cumnlivet rae utes n-
96 cxgenttoindpfam AB., erne saxtra cag-

Ll RT3 § /R

PROPOSITIO 1ITI.

I Diatweter (AB) veflam quampiam:

(CD) exira contrum bifariaws divsi -

dat ; erit perpondeomians ud illews o - & &

. 1.- Quonid. aquanrur; byp. EC, & EDj;.

&; 15.4r7.1.FC, & FD, arque I E cft ¢ -m3
munis; 2quabumtur preinde ,.8.-.1. anguli
QEF’-& DEF adeoque AB eric: perpene
dicalaris ad CD-, E. D. .

2. QuoniZzquantur, byp. anguli CEF,.
& DEK ik &, «. 1. argal. Co & D, & la-
tus CF lateri DF : zquabuntur, 26.1, CE,,
&‘DE.h Qo E. D.. )

PRO:POSITIO: 1V
S I'duzrelte, (AB; C D) f2 mutuo [es.
). cent éxtracentrum.; nom Je fecabans-
bifsriam, )
Alids.enimtrahatur-OK ex centro; erie,
3e37angu’us OKD reftus., & re&as etiam
angulus OKB; adeaque pars toti aquabi-.
tur.. Q.E. Ay :

PROPOSIT1O: V.
I diso Cirenli fe muetuo fecent ; non erip:

5 itlo dems ceniram a .
. illorum 14 o Nam,

R e

. Sewm

P



36 2iem, . Buclidis N
Nain fi dixeris, pun@um quodpiam B
. effe centrum utrinfque , du@ta. EB ad fe-
&ionem, & EDA fecante utriufque peri-
pheriam s zquabicur, 15°defi1. ED ipfi EB,:
& hzcipfi EA : ergo &.ED'ipfi EA , pars
tod . %E- A'

PROPOSITIO VI

T dwoCirculi fe intevius tangant’; now-
erit illoram idem censyum . - :
Nam fi dixcr:s, ucriv/que centrum effe:
in pun&o Fiduc rc&®i FB od contaltum, &
re@a FD A fecant€ utriu‘que peripheriam;
zquabitur, 15. 1.def. FD ipfiFB , & hzc
iaﬁ FA: ergo & FD ipi FA ; pars toti«

" PROPOSIT O VIL ..

N Diametro Circali fi ex punilo (G)

extra Cenirum affumpto pertingant
linex (G 4,GC,GD,GE, GB) ufque ad
Circumferentiam 3 maxima quidzm erit

que per Centrum tranfibit : aliarum verd

que magis ad maxima inclinabit , maior
crit i Et ex codem punifto (G) dug tantsm
&quales duci poffunt in Circumfeventiam .
" . 1. Quoniam, 15. def, & 2.4x. 1. GA.
zquatuti; fis GF pL.FC , qua, 20.1.maj.
funt quim GC; erit GA maj. quim GC.
2. Quoniam aeguamur FC & FD, atque
GF eft comm. fed, 9. 4x. angulns GFC
maj.eft qua GFD; erit,24.1. GC majqua
GD: & cadé ratione GD majeritqui GE..
' .. 3.Quo-~
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3. Quoniain FG pl. GE maj. funt,20.1.

3mFE, cui TEunatur FB ; erunt FGpl. -
3

5 E maj. quam ergo dempta utrinque
communi FG ; erit GE maj. quim GB.

. Fiat,23.1. ang.BFH zqualisipfi BFE

& gucatur GH : Quoniam zquantur FE &

FH, atque FG eft comm. & conflr. zquan- -

turanguli EFG & HFG; zquabunur, 4.1.
GE & GH, nullaquc aha,ur prius duci po-
teft ad partern HA , vel EA quz non fit
maj. vel min. quimGH. Q_E.D.

PROPOSITIO VIIIL

I ex punio (A4) extra Circnlum dato
cadant linez inipfuns Circulum ; in=

ter eas que in circuli concavum codunt
maxima crit que per centrum tranfibit ,
carere verd €0 majores evunt 5 qud magis
&d maximam inclinabunt : Inter eas verd

que s circuli convexum cadunt minima

- erit que cym D iametro coincidit 3 ceters

werd ed majores erunt qud magis 3 minima

declinabunt: & ex eodem punio (A) das

tantdm equales pertingent in comvexum
Circuli (totidemque etiam in Cirenli con=
cavum . .
Nam du&tisradiis. '
- 1. BA =quabitur, 15.def. & 2.42.1.ipfis
AF pl. FE, qua, 20.1. maj. funt quiii: AE;
ergo AB maj. eft quim AE.,
2. Quoniam zquantur FE & FD, & AF
eft comm. fed, 9.ax. angulus AFE maj.eft
quim AFD;erir;24.1. AE maj. quam .:B\CD:



st Elims. Ewlidis
& cadem ritione AD may. quam AC,
3+ Quoniam s 20. 1. AG pl. GF ntins
funtquim AH pl.HF, que, a1 1:min.funt,
ok AK 1. KI) recdonapns maokhbes
guim pl.KEj; crgo 1s aquklibus
g » HE, IF. KF; erit AG mim quam AH,
ithac m. quin AL, & hec min..quim.
Al?K Fiat 23. 1.. angulus Al\:i[. ;%m ipfi:
+-quoniam aguantur FL 8 FK.etqgue.
EA cft.comm. &, crafir. angulus AEL.
®quatur ipi AFK, zquabuntur, 4.1. AL,

& AK : hifce verd nulls alia aquater , ut:

prius oftenfumeft.. Q E, D..
PRO-POSITIO IXi

S Dex-punl?o (A) affimpto tn Circulo-
D

tendane- in peviphesiam: plures guim.

dua reétie fibi murud equales; tn boc punlés -
erit contriem Civenli ‘ ‘

Nam, 7.3, ex pundlo extra cehttum non:

potfunt in oeripheriam doci plutes quim-

- du reta fibi mutud zquales. ergo Acft.

cencrum.. Q E.D.. .
- PROPOSITIO: X:.

D(’a Circuli fe mutuo. non fecays: nifs;

" in duobus.punédis .

. _Nam fefecent, fifp..in pluribus:puns.
&is B; C, D, atque excentro alterius cir-.
enli ducancur adpun@s fe@ionum- linee:
AB; AC, AD; ergo pun&tum A, 9.3, erit:
eentrum utriufque circuli :Quod,§: 3.fierl:

n it'.- .
e PRO»-

/

e
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PROPOSITIO XL _

IN Cireslis fefe interins tangentibus li ¢
nea . que centra conmelin pertragic ad

punlinmcontaltus .

- Sinegas; habeant, fi £ p. céntrd cum
fitun; utrecta ED, qua ad conta@um nun
pertingit, tranfeat per centra E, O, & jun+
ge EA;OA . Quoniam etgo, fbrp. 2quane
tur OA, & OC; zyudabunitur , 2.ax. ET,
& EO pl. OA , quz 20.1. maj. fum quim
EA, cui, 15.defs zquataripfa ED 5 ergo
- erit £C maj. quam D, pars.Juim totum -

e Lao .

PROPOSITIO XIL.

Y N Circulis fefe exterius tangentibus lis
nea:, qua: centra cousellit. traafit pef-
contatium:, .

Sicnegas 4 Sine centra, fi fp. itd pofira-
(putainA; 8 B)ue re¥a peripfa tranficnss
nonrpertranfeat conratum €, fed citcat: s
fecetin D, & E:, & jungantur AC,.BC..
&quabuntus, 15.def. D'Apl. EB .ipfis AC.
pl. CB; quz, 20.1-maj. funt ; quim AB ;3
ergo DA . pl. EB.maj. erunt quim: AB..
Q-_EA .-

PROPOSITIO XIII..
mNTiewli fe vel interius , wel exterins
wd’ tangynt:, in uno.tantam punclo fe-

tangynt., . -

1. Tan,



40 Elem. Euaclidis
- 1._Tangant fe enim, fi f.p. in duobus
puné&is D. & C ; ergo , /.6yp. @quabuntur
BC,&BD , adedque, 2.4ax. zquabuntur
AC,& ABpl. BD, quz, 20. v. maj. funt,
quim AD, cui, 15.def. zquacuripfa AC 3
adeoque AC maj. crit, quam AC . Q.E.A.
- 2. Tangac fe,fi f.p.duo circult in duobus’
pundlis G, & F sergo, 12.3.liuea AE,qus
centra connedtit, traufibit per contaum,
ac proindé zquabuntur AF pl. EF, & AE:
quod (20.1.) fieri nequit . . Lo

PROPOSITIO XIV..

N Circulo fi reile [nbtenfa (AC, B D)
aquantur inter fe 5 aqnaliter etiam di

flant d centro : & £ converfo .

1. Quontam, 4.d¢f.3. EF eft perpendi-
cularis ad AC; 2quabiitur, 3.3. AF& FG,
& cadem raticne BG, & DG : atqui byp.
zantur AC, & BD ; ergo, 7.9x.1. etiain
zquantur AF, & BG . Tgir oo

t AFq. pl. FEq. [47.1.]
Z1a. 3 Atig.
bhzc § BEq. (47.1.)
\BGq. pl.GEg. -~ .

Atquiybyp.equantur AFq.& BGq.; ergo
z.ax. zquantur FEq. & (3 Eq. adeog;erant
fibi mutuo zquales FE, & GE . Q.E.D. |

2. 'Quontam, 3.3.FE , & GE dividunt
bifiriam lineas AC, & BD, atq;b7p. 2zqui-.
tur FE &(l':}E; lldlggcé- . ‘

AFq. pl, . o1
Aqu. r.AEq.p 1 G7-1)

‘ha:c‘ BEq: (47.11 .
\BGy. pl. GEq. .

Atqidi

é

[y WP
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Awqui byp. zquanturFEq.& GEq,; ergo,
3 ax.. ARq. ip{i BGq. adeog; 6.ax. 1. AC
lpﬁ BD L Qh- Dc ‘ !

PROPOSITIO XV.

IN Circulo maxima quidem linea eff
diamcter 5 aliarum verd qua ipfi ccne
tro et propinguior, yomotiore maj. eft .

- Ex diftantia GC qua byp- maj. eft quim
GH fume GO zqualem ipfi Gl‘} s &per O
ducatur perpendicularis KD , & ducantur
radij, Quoniam AD zquatur ipfis GK pl.
GD, quz maj. funt, 20.1.quim KD, cut ,
byp. & 14.3. zquatur ipfa FE; erit AD maj.
quim FE. Tum quoniam aquantur G
& GB ut & GD & GH,fed angulus KGD

maj.cft angulo BGH ; erit, 24.1. KD (FE)

maj. quim BH. Q.E.D.

PROPOSITIO XVI.
Ve (DO) perpendicnlaris eft ad disd
metrum, targit Circulum in punéio:
+ Inteytangentem vero & Circulum,
non poteft duci linea reéla .

-1, Quoniam angulus OAB re&tus eft 5
erit 32. & 19.1. BO maj. quim BAquzad
circamferentiam tantim pertingic ; ergo
pun&um O quocunque cadat femper erit
extra Circulum.

- 2+ -Quoniam apgu'us BAD reftuseft 5
erunt anguli BAL, & BAM acuti ; igitup
BA nequead AL,ncque ad AM perpendi-
cularis eft : ducatur ergo , fi f. p. reéta BK
perpendicularisin AM 5 erit, 29 r.a_BA
. . maje



9 Bﬁlm. IMA $ sm B
naaj. quim BK qua mapefl qu {emi,
15, def, 1. zquacyt infa BA s ergo BA wajy
eritquimBA. Q_E.A. o

Deindé ducatur inipfam AL perpendi~
cularis BE ;erit, 101 BA,qox tatitim ad
circumferentiam pertingit,maj. quim BE;
erg% punctum R cadet mxra circulum ..

.B. D,

SCHOL.. Exhucpropelitioneinnwne~
¥a confequuntur paradoxa de quibus fysé
egerunt Clavius, Galilzus, Borellus , Via
vianus, & Tacquets,quin & nos nonnulla
fuper adjiciemus pio. coronide planime~
yse clementaris .. o e

PROPOSITIO XVIE

X puno. dato [ A) dutere Fneam,

‘ que Circuliom daxgar iv ponilo..
Ducatur AB:, & e% Biper A fiat Circue
lus: umexpunga € cxenctur perrendi-
cularis CD & ducatur D B, atque demum
petpundtum Educatur reétz A¥; quam die
co effetangentern.’ Nam in 18¥s ABE
DBC aquitnr larera ABSe DB;wi 3 CB,
& EB, &ang. R cft 0OmNisrLeg0 v ian
gulus; AEB mquatur angulo DCB, qui
cnflr. redus.elk ;-adeogqué, 16-3. linca
AEF circulym tangic in pundo.. ~QE.Fe.

PROPOSITIO XVIiL.,
V& (CE) excentro dwcitwrad pan
&dum. contallns perpendicilaris eff:
" adtangentem (48.)
- Sinegas; g, (if.p. FG perpendicularis.
. a

[

e . I NS
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ad tangentem AB ; ergo, 19. 1. FG min.
eft quam FE, cui equactur ipfa FD 3 adedq;
FG min. eric qui;‘? , LOLUIM quUAM pars »

PROPOSITIO XIX.
Entrurs Civeuli eft inlinea ( EC)
qua perpendicularis e} ad tangem
(438.) :
. S1oegasyfic, fi £.p. Centrumin punéto Fy
esga, 18.3. angulus FCB rcé&tus eft, ac pro~
indeé ®quabtur angulo ECB,qui etiam, byp,
rectus eft, parscou E. A

PROVOSITIO XX.

A Ngulus (ADCY ad centram eft du=
plus anguls ad ciecumferentiam , [
uterque infiflat cidews aveni, (4C )

. Trahankur per Ceatrum reée.BG, FH .
wque cadar vertex anguli ad €n=
cpn.fesentrrn j crit prims angulus ALG,
33.1- zqu. angulisABD pl.BAD. quirs-1
aquancur-ibr mutwo; crgo A DG aquatar:
2. ABD : & eadémrationc CDG zguatur
2. CBD; ac proindé totus ADC eft duplus
totius ABC .. 2.angulus ADC zquatur
23-1.angulis DEC pl.DCE qui,s.1.2qui-
tur fibi mutad 5 ergo ADC efbduplusan-
gult AEC ; 3. quontam-angulus- HDC

- anguli HFC, uti & angulus HDA anguli
HFA gglus eft ; erit ctiany: 20. ax. L. rew
lig. ADC

PRO~

duplus reliqui AFC.. QE.D-.



44 Elew. Ewclidis
PROPOSITIO XXL

Nguli, qui funt ineodem Civculi feg<
mento [1bi matud equantur .

1. Sifintin fegmento maj 5 erit,7. ax.
angulus ACB vtpoté , 20.3. dimidius an=-
gult AEB, zqualis angulo ADB, qui ¢juf~
dem AEB eft dimidius .

2. Si fintinfegmento min. ; Quoniam
in 3glis AHF, BHG =zquantur, #r priusan-
gult FAH,GBH, vti &,15.1.anguli AHF,

HG ; zquabunrur etiam, 32.1. anguli¢
AFH, BGH, hoceft AFB, & BGA. -
Q'h.D.

PROPOSIT10 XXII.

N quadrilatero (ABC D) quod infcri«
peawi efd Circulo , anguli oppofiti (imnl
Jumpti equantur duobus reftis . -
- Ducantur BD , AC; quoniam in 3glo
ABC, 32.1. Summa angulorum zquatur
a.redtis; & zquantur, 21.3. BAC,& BDC,
uti & BCA, & BDA; eritetiam ABC pl..
BDA pl. BDC, hoceft ABC pl. ADC
2qualis 2.redtis. Q. E.D.
- COROLL. Hinccirca Rhombum, vel
Rhomboidem Circulus deferibi nequit ,
quia ncmpé anguli oppofiti vel una funt
maj. vel una min. 2. angulis re@is.

PROPOSITIO XXUL

S Egmenta inaqualia(AEC B, AF D B)-
conflitutafuper eadem linea AB non

Junt fimilia .

N Nam

P ——
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Nam fidicer.n:ur imilia; zquarentur ,
10.def. 3.anguli AF, & ALG, nimirtim
- externus ; & internus oppofitus : quod ,
16.1. fieri nequit . ‘

PROPOSITIQ XXIV.

Q Egmenta fimilia (ACB , DGE)
nJt conflituta fuper aqualibus lineis (A48,
DE) funt aqualia. .

Quontam , byp, zquantur AB, & DE ;

¢ta fuperpofitione congtuent ; ergo etia
fegmen:a congruent : nam alias, fiunum
fegmentum caderet intra, vel cxtra alud ;
erunt proindé, g ax. inzqualia, adcoque,
23. 3. diflimilia conrra byp. : finvero ca=-
derec unum partim intra , & partim cxtra
aliud; fe fecarent Circuli in tribus pundis.
Quod, 10. 3. fieri nequit .

PROPOSITIO XXV.

Ato Circuli jegmento (AC D B) cirs
culum abfolvere, cujus ¢ff Jegmantic.
Subtendantur utcunque duz reétz , AC,
BD, quasfeca bifariam in E, & F, & ex bis
punébis excita-perpendiculares fibi occar=
tentes in pun@o (G dico in hoc punéto
tfecen rtum : Nam (ut colligitur ¢x con-
firu@ione prin-z huius) in his duabus per-
pendicularibus ¢ft Centrum ; adedque in
comnmni punéto G : Centro autem re-
perto abfoluatur circulus, - Q. E. Fe

PRO-
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PROPOSITIO XXVI. & XXVIE

N eodem wvel in agualibus Civenlrs ans
guli aquales , vel ad centrum, vel ad
peripberiam conflituts fint § infi Bsmt arcua
bus aqualibus: & fiarims funt aquales;
etiam equantnr fibi matnd angnli arcubus
infiflentes . ' '

1. Quoniam zquantur BD,& FH, wi &
DC, & HG , necnon , byp. anguliD, &
FHG; zqabiitury 4.1- BC, & FG ; adedqs
byp. 10.def. & 24.bui. fegméra BAC, FE(
erunt zqualia ; fed & cireali zquanturs
ergoetiam , 2. ax. 1. zquabiintur fegmenta
refidva. Q. E.D. -

2. Sinegas,angulum D zquari angulo
FHG:; fit, fif p. ipfe D 2qualis angulo
FHI; Ergozquaretur, 26. 3. atcus Fl ar-
cui BC,qui,hypezquatur atcui FG, adeog;
& F1ipfi FG, pars toti.. -
Q Eo Al :

PROPQOSITIO XXVIIL. & XXIX.

¥ btenfoa aonales (BC,&r FG)inCir=
culis aqualibus auferunt arcus aquales:
& Sconversd .

1. Quoniam , b7p. zquantur BC,& FG
vti &, 15.def.1. DB & DC ipfis HF & BGs
erit 8. 1., angul: s D angulo:H-zqualis, ac
p 1‘3""5. 26.3. aquanturarcus BC, & FG.

2. Quoniam , byp. xquantur arcus gcc’

B " R

-
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FG; squibin 20 3 gl D W H
& uabuntur 27. 3. anguli D &
fed &é‘q:gunr Jatera iogsangnlocimercxj
pientie ; Crgo, ¢ ko ztgnntu:cnun fub~
tenfe BC, &FG. QE.D.

PROPOSITIO - XXX.
D Atam peripheriam bifariars Jeos o
ve. ‘

* Claudatur data periphéra per reftam
:uca quaxB givide bifariam in “,Aaé exD
ducaiur perpendiculars g, 4
trahantur re@®z AB, CB ; dicof:¢tum :
Nam, confir. zquantur AD & DC ; atque
DB eft communis, 8cwqufitur etid , confir,
anguli ADB, & CDB; ergo, 4-1.2quan-
tur AB, & UB; adedque, 28. 3. 2quabun-
tur etiam.arcus AB, & CB.~ QE.F.

PROPOSITIO XXXI

A Ngulus in femiciveulo reltas eft ¢ in
" majori fegmente acutus , € innsie

Nam FBE (121)

- {321, '
}Equ.hi(rBAE pl- BCE (5.1)
 anguli. § ABE pl. CBE (19.4x-1.)

LABC '

acproindé, 10.4¢/-1. ampulus ABC reftus
ft : Ergo, 32.1. BAC eft acuws: adedq;

22. 3. BDC <& obwfus. QE.D,.

PRO-
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. PROPOSITIO -XXXIL
" A Ngulus fallus d fubtenfz (EC) &

tangente aquatur angulo faitoin frgs
mento alterno . :

Dicoangul. D& ECB, uti & F, &« ECA

2quari . ' R ,

Sitlenim CD perpendicularis ad tan~
gentem AB ; ergo; 19.3. CD crit distpe-
“ter , adedque, 31.3. angulus DEC reflug
erit 5 ergo, 32.t.anguli D pl. DCE 2qua-
buntur uni redto , adeoque ipfi DCB 5 ac
proindé, dempro utring;angulo DCE;erit,
32-ax.1. angulus D aqualisangulo ECB .

um, QUORL:M,¥3-I. 2qu. 2.Retis anguli
ECBpL.ECA, ficuti, 22. 3, 2qu. 2. Redis
anguli D pl. F, atque wrprius zquantut
fibt muruo anguli D, & ECB; ergo zqua-
buntur, 3. @x. etigarinter fe angult F, &
hCA . Q_E- Do

'PROPOSITIO XXXIIL
S Vper dite vefta linea (AB) deferibere
v Cirenli fegmentus, quod capiat an=
gulum (A1 B) aqualem angulo dato (2).

Fiatangulus BAD aqualis ipi Q : Tum
cxcita AE perpendicularem ad AD , &
fiat angnlus ABF zqualis ipfi BAF : Tum
centro F per A fiat circulus : qui utique
‘tranfibit per B nam, confiri, & 6. 1. FA
eft ®qu. ipfi FB. Derrum fiat fuper ABan-
gulys I in fegmento alterno 3 Dico fa-
Gem. Namangulusl xquatur, 32.3. 2an=-
gulo BAD, cui, conf'r. zquatur anﬁl{lus Q.

QE}
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PROPOSITIO XXXIV.

| 2t Circl fegmensem afcinde~

re, capiens angulum ( B lems

angulo dato (D) ¢ : ) apee :
Ducarurtangens AF: Tum fiatangulus

CAF zqualisipfi D, & in fegmento alter-

' no fist utcunqueangulus B ; dico faltum :

Niangutus B zquatur, 33.3.angulo CAF,

i culyconfir. 2quatyr angulas D . Q;_E- F.

PROPOSITIO XXXV.
Sh‘n Circsla dae yella (AB, CD) fe
- mutnd fecuering ; yellangnisum com-
preenfum [ub fegmentis mnins aquatur
rectangulo fallo & fegmentis alterims. -

3. Cafus . SireQz fefe fecent in centroy
jam patet,.quadrata radioram fibi matud
zqu‘“ . ‘,‘ . . . .

2. Cafws. Siwnairanfeat per Centrum,
& alteram perpendiculariter fecet extra
Centrum, adedque, 3.3. 11lam fecet bifa~
riam; trahaturradivs FD 2 Atque tum

rAEB pl. FEq. (5.2;)
£Lqu. 4 FBq. (15.def. 2.)
hzc ¥ FDq. 147+ 1)
, LEDq. pl. FEq.
ergo , 3.4x.1. AEB reGangulam zquatur
ip{% EDg.,cui, ob CE,ED zquales, 2qua~
cur Re@Gangulum CED. Q. E-D. .
2. Cafus, Siuna fit Diameter , &alterd
fecet inzqualiter 5 trahatur FG perpendi-
cularis ad CD, acproind¢ FG fecabie, 3.3,
1pam CD bifanamé& ducawr FD R llt::‘l!i“t



38 Elem. Euclidis
{{:‘EB pg.DFEq.(( 5.2.))
, s ) (471
Eh‘}; 4 EGe Pl-é&qw.(s-z.-)
: FGg. pl.GGEq. pl. CED (47- 1.)
LCED pL. FEq.
ergo; 3.5, 1. AEB reCtangulum squatur
zettanguloCED . Q.E.D-
4+ Cafus, Sigegra percentrum tran-
feat ,.daca:ur dianiceer GH per punctam
feitionis E, ergo zguabitur, wr prius AEB

PROPOSITIO XXXVI

,Rlﬂamhcn(dbﬂmpnbmfm |
N\ fub joeante integra ¢ portiove ip~
fids cxteviave, egnatur ( DBq. ) quadrato

tangenbis, . - R
-+, v Cafies « Si fecans tranfeat per gentril;
.emnt DBq. pl. BEq.aqualia, 47. 1. iph

DEgq. & hoc, 6.2. i¢fis CEq. pl. ADC :
aqueBhg. 8 CEq..xguantur fibi mutud ;
€1g0 434 L. @quabuncur edaim DBq. &
.abC. Q.E.D.

3.Cafus. Sifecansnoncranfeat per Cé-
trum 5 ducatur EF perpendicularis ad fe-
cantem , & trabanwr ceeterz occultz ;

Igitur .

{ DBq. pl. BEq. (47.1.)
. Equ.§ DEa-[37.1] '

‘hac | DEq.pl-'FEq. (3.3. &6.2.)

. I"qu pl» QFQ-PI-ADC(47-I.)

LADC pl. CEq.

Atqui zquantur BEq. & CEq. ; Ergo,
z. ax. zquantur etiam DBq. & ADC «-

tangulum. Q_E.D-

oo PRO-

Il
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" PROPOSITIO XXXVIIL

S L ex pun&lo (D) cxtra Circulum ab=
Jumpto cadant in Circultems due rela

(DA DB) itdut ( DBq.) fuadratum

wnius aquetnr.relangulo (A DC) falloex

. altera mregra, ¢r-pertienc ipftns exterioris
- linea illa ( DB )incidens exit tangens .

‘Ex runéto-D ducatur, 17.3. tangens DF,

& trahantur EB, ED, EF, etut D ?-2 ua~
fe, byp.ipfi ADC, & hox, 36.:3. ipfi DFq.;
~c:go§qulbuntur DB, & DF : fed & zqua-
tur BE, & FE , arque DE eft communis;

- -€rgo, 8.1. angulus DBE Tamr ipfi reéto
a

B cft tangens.

DFE; adedque,16+3- lin
QED, 3 ,

 LAVS DEO: .
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LIBER IV

redtilinea inferibi dici-
tur , cum finguli cius fi-
gurz qua inicribitur , an-
gult fingula latera cius,
in qua infcribitur , tan-

gunt . . .

2. Similiter , & figura circum figuram
defcribi dicitur , quum fingula eius qua
circamfcribitur , latera fingulos eius figu~

_rzangulos tetigerint , circum quam illa
defcribitur,

3. Figura re&ilinea in circulo inferibi
dicitur, quum finguli eius figurz quzin-
feribitur, anguli tecigerine circuli peri-
pheriam . - :

4+ Figura verd redilinea circa ¢ircu-
lum defcribi dicitur , quum fingula latera
eius, quz circumfcribitur, circuli periphe-
riam tangunt .

5. Similiter & circulus in figura reti-
linea inferibi dicitur, quum circuli peri-
pheria fingula latera tangit eius figurz,cui
infcribitur.

6. Circulusautem circum figuram de-
feribi dicitur, quum circuli peripheria fine
gplos tangic eius figurz, quam circumfcri-

itangulos. ' .

7- Re&alineain circulo accomodari ,
feu coaprari dicitur, quum eius extrema in
circuli peripheria fucrint .

S . PRO-

Tgura reflilinea in figura

|
|
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PROPOSITIO I.

N dato Circulo re@ams lineaws ( AB)
accomsodare, aqualem date refla linea,

oue circwli diametro ( AC) non [it major .

Ex A, intervallo zquale irfi linez data

fiat Circulus fecans datum circulum in By

cric du&ta AB zqualis, 15.def, 1. ipfi AE,
&% fnfl:mpta cft zqualis ipfi lincx datae »

~~ _PROPOSITIO II -
DJto Circulo triangulam (BACY) ins
¥ [eribere dato triangnlo (DEF)
aquiangulwms.

Ducaiut, 17.j. trangens GH , & fiant ,
23.1. angulus HAC zqnalis angulo E, &
angulus GAB zqualis angulo F , &
tur BC ; dico ﬁaumﬁncam&a;igulm;’ B
xquatar, 32.3. fo c confir,
iph E: it’égctig :ﬁggmnr an l,)'il(:g GAB,
&F; cFrgo 32.1.religous BAC rcliquo D.

ele

PROPOSITIO. 111

"\ At Circule triangulvm ( LNM)
circiifcribere dato tridgulo (DEF)

- aquiangulum .

.Protrabatur latus EF utn%le > & fiat,

23.1. angulus AOB angulo G, uti &

angulus COB angulo DFH =qualis , 8¢
t puncta A , B, C , ducantur tangentes

ieN, LM, MN :nam quddiftz tangentes
) ¢ C 3 cogant,




sl’ Elem,. wa'dir
cofant, ex €@ patet quia nempé, 18.3. an-
guliOAL, OBL recti fimp 3 ergofiduca-
tur AB ; cruntanguli ABL pl. BAL mi~
Rnores 2. rectisy adeogstangentes cotunt in
panéto L, sque ivd posrd de cateris: €rim
suterw in Quadritmeso BOAL ( v patd ne~
folabile in duo trianguls) emnes anguli
fnaul fompti 2quentur , 32 I., 4. angulis

re@is, & angulrin B , &in A reifint;

crunt reliqui L pl. AQB aquales a.recis

quibus , 13. 1. @quantur DEG pl. DEE
atqui., conffr. 2quantur fibi mutud AOB,
& DEG ; ergoetiam, 3.0x. 1. agquebuntur

L,&DEF: & cadem ratione angulus M . :

angulo DFE 3 ac proindé , 32.1. tentins
wnioD. QR oo x

... PROPQSITIO V.
| D?f«l trienguls (A BC) Circuliom ins
f"m. ! . ’

. Anguli in B& € fecentur, 9+1. bifdrik,
& ex pun&fio concurfus O , ducantur OF
OF, OG perpeadiculares ad hatera trian~
guli : deindeex O per E fiat Circulus 3 °
dico fatum , nimirum , circulwn tranfire
perreliqua punlla E & G .- Nam ', confir.
EBO ,FBO zquantus inter f¢ , uti
& angulire@i BEO, BFO, fcd & BO cft
Iatus commune § erge , 26. 1. EO, & FO
mur » & cadem ratione FO, & GO,
oque circulus tranfibic :per ponéla F&
G. QEF: C

PRO-

4
‘
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PROPOSITIO V.

Ddto triangulo ( 2AC) Cm'dn av-
cumfevibere
Latenqmmsdno BA, AC btfeca s T4
&1 I 1. pupe.drmlmbuu DF, EFcom
currentibas i B3 circulustex Fper B de-
Kripsus, tranfibit per reliqua pndta A & C:
Nam ducantur carerz linaz utin figura ;
Quonism. cenfir. zquantus incer fe DA &
DB, uti & sugulire&i ADF & BDF, &
DF «ft commanis ; aquabuntur ; 4.1. fibi
nnimd FB, X FA, & cadem:satione FA, &
50 circulus mnﬁbu per’ on.nu
ma.,, A; C. QE

PROPOSITIO: VI.

D Ao Circulo. W(J‘CD}
m[mbm
Ducantr, 11.3. disinetri AC , BD fefe
endiculariter fecances. s 8¢ mhamur
: :ﬂ »AD, BC ;f&} :‘wofaﬂumo:‘:_a;‘n
2 5 comfir. 4. ceaerum O funt
relli x:c{rcozcg&u. 3.axcus & fubten-
fa illis op x'funt 2qusles ; ergo figura
zquilacera 5 fed & re€tangula g
mam UhmA’B,é D, otpotédinfes
migirculis’, 31. 3. redli fnnc, crgo figura
dcfcnpu,c&quadrzmm .t

PROPOSITIO VIL

Ddto Circulo @uadratum (FK) cir~
cm/mlme Duc -
uc
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s6 Liem, Ewnclidis

Ducdiametros AC, BD , fe mutud per-
pendiculariter fecantes in centro E , & per
pun&ta A, B, C, D ducantur tangentes cG-
curcentes in pundtis F, G, H, K 3 dico fa-
&tum : Nam obangulosad A,B,C, D.
omnes re&tos , atque ob angulos ad centrii
E reftos; angulietiam in F, Gy H, K, res:
Qierunt, nam in ompibus Quadrilateris
fumma angulorum =zquatur 4. reétis 5
igitur , 28. 1. latera figure circumfcri-
ptz erunt inter fc parallela; fed & zqualia,
quippé FA, AG; FB, BH zquantur, 34.1.
ipfis radijs BE,ED,AE,EC,ergo, 6.6x.1.
zquantur fibi mutnoipfaram FA; AG,&c.
duplz; adedque figusa circumfcripta ¢ft
Quadratuin. . QE.D.... - .. .-

PROPOSITIO-VIIL

(-
td- .

tbere

Dxf:o,-;zum (BD). Cirenluns ind .
cri oY i
Latera quadrati bifeca , & junge HF ,

G fe mutus fecantes inK ;3 circulusergo
exKper E deferiptus, mnﬁiai:‘ prF, G&
H. Nam quia b9p. & 7.4x.1. AH , &
funt parall.& #qu. eruntetiam AB, & HF
interfe, 32.1. 2qu. & parallelz , atque itd
decateris; €rgo, 24.1. zquabuntur iftz
lincz EKJ i'x: éK,HK ipfis lincis AH:B’Fs
AE,czterifque,quz, conffr. & 7.4x. 1 2qua~
tur fibi mutud 3 adedque Circulus per E
deferiptus, tranfibic &c. Q. E. Fo

A

 PRO-

—
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PROPOSITIO IX.

Ato quadrato (ABCD) Circulum
cirenmferibere . :
. Ducan:ur Diagomales AC,BD 3 Cir-
culus ex O per A defcriptus, cranfibic etid
per reliqua puné&a B, €, D 5 fiquidem, brp.
azquantur BA, & BC, atqueangulus ABC
zeQusett ; ergo, §- & 32- 1. anguli BAO,
BC O funt zquales, & femire &1, & itd etid
anguli ABO, & ADO ; adcoque,s.1. BO,
& A O zquantur, & fic de reliquis, ac pro-
- indé curculus tranfibit per omnia pundta
‘A’ B, C,DO- Q_E- EO- -

. PROPOSITIO X-

' TRimgklm Ifofcelem( A B D)defcrim
bere, itaut quilibet angulns ad Bafim
(BD) fitdutlus anguli verticalis (4. )
Sccetur quacungue AB (11.2.) itdut
ABC zquewr igfi A€q. Tuw fiat circu-
lusex A per B, eui (1.4-) aptetur linca BD
xqualisipfi AC, & cucaiur CD, & AD) +
& per tria pun&a A, C, D ducatur (5.4)
,Circulu%yQuomam,crgo zquantur ABC,.
& ACq.(BDq.)erit, 37- 3. ipfa BD tangés.
Circuli minotis ; adedque (32.3.) zquan=
tur anguli BDC, & A : Igkur. :
Zqu. bi 5 ADB [19.ax.} :
anguli. lé%(j : p{..Cl%A ‘(r)r prius)
. , : pi A 32:1-
LBCD

Ergo zquants anﬂx’i ABD(COD) BCD:



b1 2 Lith. Zachdis
adeoq;6.1. zquitts CD,& BD(CA);ergo,
§.1.eciam anguli CDA, & A: ac proindc,.

32.1-angulus BCD (CBD)zquatur 2. A.

PROPOSITIO Xk

. IM dato Circulo pentagomum vegulore

(ABCDE) infcuibere . o
Fiae, 10.4¢ Triangulum FGH , itamt G.

Gve H fie duplus anguli F. Tum gircolo

dato 5 2.4. infcribaur triangulum CAD
axquiangelum ipfi GFH : deindé anguli
-ACD, ADC, g.1. fecenturbifasiam reétis.
lincis DB, CE, & ducantur AB, BC, AE,
LE; dico fallum 3 Siquidew: confir. aqua-
tur ifti anguli BDA, BDC, €AD, ACE,

D ; ergo zquantur, 26.3, arcusipii op-
{:cﬁci; nechan, 29.3: fubiknfe AB, LG »
€D, DE, E A; quin etiam,.27.3. guantur
ipfivs pentagom anguli, utpoté infiften~
tes ascubus zqualibuse Q.E.Fe

PROPOSITIO XIIL

C- Irca datum Clrculum. pentagonusm

regulare defcribere .

Infctibatur, 1 1.4. ¢isculo daro Pentago—
num ABCDE, ad cuius angulos ducantur:
linez ex Centro,. & per ipfos angulos du-
cantur, 17-3. tangentes fibi mutud.occur-
sentes in puulis €,H, LK, L; dice fa&tums:
Nam,37.3.2quantur 1E ,& 1C fed & zquia-
tor FB ,& FC , atque IF eft communis;
CIR0, b.1. aquantur anguli BFl , & CF] ¢
& eadem ratione zquanior BFH, & AFH,
& fi¢ de catetis; fod & @quatur toti CBI‘-B.

—
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& BF A, €10,7.4x. etiam xquantur corum
dimidii IFB, & BFH ; (ed & conffr. anguli
ad B rett funt, & BFeft commums;ergo,
26.1. aquantus HB,& BL;adcoque 6.6x.3.
HI, & 1K zquantur intes fe, & fic cateris:
Demum,guoniam anguli in B, & C recti
funt, aique ctiam 1a B, & A ; csunt; 312.1..
CEB, pl. CIB aquales 2--re&is» uti & ifti
BFA pl.BHA : fed, s peins, quant. CEB
& BFA : esgo, 3.0x.1. squabuntur rcliqui
CIB;&B A,& ﬁc d‘m‘isb Q.b-f.

< PROPOSITIO XIIL

lN dato: Pentagono: Regulari circwm~
' [eribere Cirsulum .

Buos Pentagoni angulos A & B ,9. 1.
feca bifariamn sedis AL BF concurrestibus
inF, & ex F duc perpendigutases ad hatera
Pentagosi 3 Circulus centro- F per G
defcriptus tanget ounia punéta Hy, 1, K, L.
Duc enim se&as ad angulos Pentagoni ;
quoniam, byp.BA, & BC xquantur, uti &

_eofir.anguli ABF, CBF & BF et conu~
nis, zquabyntur s4.1- AF , & CF & ang.
FAB angulo FCB qui cfft cof'r. <. totius

"BCD 5 ergo ang. FAB ctiam efl 7. toti
BAEL ; adedque zquabuntur FAB,& FAE,
& codem modo otlendetar, omnesangu-
Jos Pentagoni divifos eflebifaniam : Quo-
niam ergoanguliin H & G reéi fune; ke
anguli in B zquantur, 2 privs, fibi mutuo ,
& BF eft communis 5 idcirco, 6. 1.
esic in triangulis FBH, FBG ipfa FH zqua-
lisipfi FG,& fic porro de cxteris; Adeoq;
circulus tranﬁbltc Dc‘r pundaH, I,S(KL .




#o Zlem. Euclidis
PROPOSITIO XIV-

Ddlo Pentagono Regulari Circulsms
cixcumfcribere SRS
Duos Fétagoni angul. bifeca reétis AO,
RO, & ex O ducantar reliquz ©C , OD,
OE 3 Circulus centro O per A deferiptus,
tranfibit per reliqua punéta B,C, D, E 5
Siquidem ( ut colligirur ex pracedent )
Pentagoni omnes anguli fe@i funt bitarid;
adeoque, 6.1. zquabuncuripfz OA , OB,
OC,. 0D,0E; ergo Circulus tranfibit
per reliqua pun@a B, C, D,E. Q:E.F..

PRO POSITIO XV.

Ddto Circulo Hefagonum Regulare
iﬂj"ik'. . ' -

Duc diametram AD , & ex D per datiy
centrom O fiat circulus, qui datum circu-
lum fecet in pun@tis €, & E : tum protra~
bantur ex his punéis per centrum O dia-
mert EB, CF, & ducantor czterz linez

‘Quenian , confir. & 15. 1. 2quantur fibi

mutuo anguli COD, DOE,BOA, AOF,.
& unufquifque ipforum eft 5 . 2.Re@orumg
erit ctiam, 13.T. tam angulus BOC, quim

EOF 3 2. Re&torum ; ae proindé omnes:
anguliin O fibi mutuo zquabuntur;-Ergo,.
26. & 29. 3. etiam zquabuntur fibi mutud:
arcus oppofiti , & fubtenfz ,adedque , &

anguli figurz inferipiz. Q.E.Fo

.. BERO™
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PROPOSITIO XVI.

lN dato Circulo Quindecagonnms Re-
gulare defcribere .
Inferibe prius, 11.4. Pentagonum regu.
Iare, atque tum, 2. 4. ¢x codem pun&to A
‘inferibe triarigulum equilat. ABC ; erie
K confir, arcus AF £--. totius circumferentiz
& arcus AB eritI—. ejufdem : crgo arcis
FB erit-p¥ cinfdé adedque Quindecagoniy
cujus latus fit BF, erit 2quikateram; lgd
aquiangulum, 27-3-nam omnes ejusanguli
Jnfiftuntzqualibusarcubus quorum unuf-
- .quifque eft +£. totiue cireumferentiz 3
'adeque Quindecagonum eft regulare -
QEF. R

1

LAVS D E ©.
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LIBER V:
« DEFINITIONES:: "

. Als @ magnicado ma-

-gnitudinis winor majo-
£ 5iS » qUUM Winor ekl

Multiplex. awem eft
A . n:2)0L MINOLIS, Gy M=
nor metitur MajoreRl « . .
3+ Ratie, eft duarum magnitudinum.
ejufdem generis mutua quedam fecundum
quantitatesn habitudo . SR
3- Proportia vexds ¢ rationnm imili-
tudo « L H
s. Racionem habere inter f& magnitu-
dines dicuntur, quz poflunt. multiplicata
fefe mutuo faperate - . .
6. In cadem ratione magnitudines di-
cuntur effe , prima ad fecundam , & tertia
ad quartam : cum primz & tegtiz zqué
maltiplicia 4, fecundz & quartz 2qué mul-
tiplicibus, qilalifcunquc fit bzc nalupli-
catio , utrunqgue ab tereque , vel und defi-
ciunt, vel und z2qualia funt, vel und exce-
dunt, {i ea fusnatur,qoe inter f¢ refpondét.
7. Eandem autem habentes. rationem
-inagnitudines, proportionales vocentur .
8. Cum vers 2qué muluplicium, mul-
siplex prima ;uagokudinis excefierit mul-
tiplicem fecundz , ac muldiplex tertiz non
excefferit multiplicem quantz : tunc pri-
ma ad fecundam , majorem sationem hae
bege dicetur, quim tertia ad quartam «
by 9. Pro

. tUf mMajore.. . §

i



li‘tr Y. . "
g~ Proportio autem 1n tribus termanis

pauciflims confiftae .

10- Ciim autem tres magnirudines pro-
portionales fuering, prina ad tegtian, du-

licatam rationem haberedicitur eius,qua
bet ad fecundam . At cim guatuor ma-

- gnitudines propostionales fuerige , prima
ad quartam , tsaplicaiam rationem habere
dicitur eius, quam habet ad fecondam : &
fempes deinceps uno ampls , quandng
propostio exitesit ~ .

11. Homelegz, feu fimiles ratione ma-
guitudines dicuntur, antecedentes quiden
sntecedenubus., confcquentes veso cunfcs
quendibus .

12. Alterna ratio , eft fumptio antece-
dentis comparati ad antecedentem , &
confequentis ad confequentem »

13+ Inverfa ratio,eft fumptio confequé-
tis » ecul anccgedentis » ad. antecedentem
‘welut ad confequentem » .
14+ Compofitio rationis, eft fumptio
‘snteccdentis cum confcquente ¢ey Unius,
ad ipfum confequentem - :

- 15+ Divifio raticnis, cft fumptio excefe

-firs quo confcquentem fuperat anteceders
sd ipfum conftquentem « ‘

16 Converfio rationss, eft fumptio an-
tecedentis ad exceflum , quofuperat ane-
cedens ipfum confequentem .,

" 17. Exzqualitate ratio eft,fi plures dua-
bus fint magnitudines, & hisahiz mulutu-
dine pares quz binz fumantur, & in cadem
ratione: quum utim primis, fic & 1o ficun.
dis rrin a ad ukinan, fcfe habueric, ve)
alufr fumptio extremorum per fubduétio.

e nem
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nem mediorum. .

18. Ordinata proportio ¢t cim fuerit
quemadmedum antecedens ad confequen-
tem : ita antecedens ad confequentem 3
fuerit ctiam ut.confequens: ad alind quid-
piam ita confequens ad aliud quidptam .

19. Perturbata autem proportio eft, tti-
bus pofitis magnisudinibus , & alijs, qua
fint his multitudine pares , ciim utin pri-
mis qyidem magnitudinibus fe haber an-
tccedens ad confequentem, itd in fecundis.
magnitudinibus anteccdensad confequen-
tem : ut autem in primis magnitudinibus.
confequens ad aliud quidpiam, fic in fe-
cundis magnitudinibus aliud quidpiam ad
antecedentem . S

PROPOSITIO 1 _

S 1 fint quotesmaue magnitudines(A,C)
guoscungue magnitudinum ( B, D )

aquimultiplices 5 tam multiplex erit una:

unins, qudw omnes omnixm . ,
Demonftrantur primz iftz Propofitio~

pes. zqnimuldplicium facili quidem ne-.

59:&0 per folam additionem , vel fubtrae
ionem fpeciofam . .

. Additio Magnitudinum ..
A | ‘9“" 2-’ B . '
C «gu.. 3, D

Ergo AplCego 3 Bpl. 32D .
& QED. 3T

PR~

o -



|

- Liber Y. 65
PROPOSITIO }I

Sl prima (A) fecunda (B) aqueé fuerit

multiplez, ac tertia (C) quarta ( D);
Sueritautem ¢ quinta( E) ejufdem [ecun=
da itd nmlt:plcx ac fexta (FG) eyufdem
 quarta ; érit compo(ita ex prima, & quin=
taita multsplex fecunda, ac compofita ex
sextia &r fexta multiplex quarta .

. .Additio Mmjurnnm .
Toties B elinA;acDinC.
““Toties B eftin E ,acDin FG

Ergo Toties Beft in AE pl.EacDinCpl. FG

Nota, heic fiesi additionern non ma- )
gritudinum ipfarem expofitarum, fed mé-
furarum fiveé, (ut alunt) Ruotientivm .

PROPOSITIO 11k

SI pmu ( A) fmadl (%)) aqu’fmvit
multiplex ac tevtia (€) quarte (D)
Suerit autem & quinta(E1Y ita mumph.r
tpj' us pmmc, ac fexta (FM) ipfins tema ‘
erit etiam quinta Jecunda itd mdnﬂtx ac’
fexta guarte ,

Solvator El'in fuas partes, quarum qua-
libet zquatur ipfi A, auﬁ e folvatur FM in-

fuas partes quarum qua lbtt lpﬁ C 2qua~
tlll v

Addisie
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Additia Menfurarum .
Toties B eft in EGacDinFK
“Foties B efd inGHac DisKL ' '
TmuB eft in HI acDin LM

Ergo Toties B Beftin EGE_G.I-I-;IT;I:_;:
RDinFK pl. KLpL.LM. Q.E.D.

PROPOSITIO. V.

S I magnitndo( A BYmagwitndinis(C D)
itd fucrit multiplex ac ablata (4E)
ablata(C M) ; evit vefidua (EB) itd mul~
tiplex refidue (M D) ac ¢f} tota totins .
Sumatur.quantisas GA it2 multiplex re«

hquz MDaceftablata ablaz.ﬁvc tO83 L0
tius ; & fact, -

. Additie Magnu»lmw-. -

GA. 444 2. MD

CAE  agu. 2. CM.

iy m:ﬂﬁ tur 2. gi ; ergo&
&quatar z.

"PROPOSITIO V. +

I dua magnitudines (A8, CD ) dna-

roms magnitudinum ( E, F) fint aqrii«

multiplices,¢r detratie fint ex multiplici—

busearundens Jub mudiiplicium alie aquie

mlnphm, etiam reliqua sp[aml» Jub
multi~

. .

Ergo GA pk AE(GE)#gx..2.MD pl.z.'

)boceﬂ, b’P leA d €y Bo 8Xe - )
-wlnm E,f&cA ;Eguﬂ: dempes
communi AE;erit 3.ax lPﬁ GA,

Iy >
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. momlriplicinem exuns- vel aquimltiplices,

vel ipfiveqnales,weinapuinpmeran .
Subtradtio Menfurarnw .

Toties Eoftin ABsac e Fin €D
Tewes E ofbin AG,acef FinCH

Ergo Toties Ecf} (in‘ GB, aceft Fin HD.

-Wesa, poftesiores quoticntes , fei men-
faras fibi muted aguales, quz nempé funk
in fecundo ardipe fubtrahi & Quaticatibus
2qualibus primi ordinis.

PROPOSITIO VI.

1 prime (4) ad feemdam (B) i1d fe
. babeat, ac¢ tertial C)ad quartam( D),
€ deninr quinia & fexta aguimulsiplices
prime @ tertia, necnon feptima & oflana
- aquinonltiphces fesanda ¢ quarsa , itd fe
babebis maleiplex prima ad malsipliccm
Jesunde, ac malsiplex tertia ad malsipli-
“m- : o ’ -
Sumamuz I & K ipfarom E & F aquis
mubsiplices ,. ind etiam L & M zquimulti-
phices, ipfarom G & H ; esuot cuam, 3. -
} & K zquimghiiplices ipfarum A & C at-
iqr L' & M eremt zguinsleiplicesipfarum
& D: aqui, byp.eft AadBveCad D;

. 210y 6-def. g. 1 & K vel fant oma majores,

vel 2quales, veluna minorssipfisl. & M3

atqui , br7. I & K fone ctiam aquimnltiphi-

ces ipfarum E & 'F, atque L & M fant
: xqui~
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aquimultiplicesipfarum G & H 5 ergoé.
defis E adGoft v Fad . QLE-D.

p}(o POSITIO VII

: »’A/;‘q’m(u ad candem., eandems rationem
g babent, uti & cadems:-ad aquales .
Sumantur D & E ipfarum aqualiom A
& € equimultiplices, & fumatur F gtcun«
quc multiplex ipfius B; ergo,6.4x.1. 2qua-
buntur D & E; adedque fi D erit maj. vel
min, quim F, vel eidem zqualis; eticetia
E maj. vcl min. quim F, vel eidem @qua~
. lis : ac proind¢,6.defeg. erit Aad B ut G
ad B : atque cadc rationceritBad A ue
BadC.. Q.E.D. S

PROPOSITIO VIIL'.,'

'] Negualinm magnitudink majéy ( AB) _

ad eandems (D) habet majorems ratio=
Huem quim minior (C) : ¢ eadem ad mino=
e habet majorem rationems quém ad
ma’bm..fl PN “\\‘:.' o ’
. Ex majori AB aufer EB zqualem mino~
i C,..fumau'rque HG:tam multiplex ipfius
EB quim fit GF reliquz AE : & miultiplie
cetur D donec ejus multiplex K major eva-
dat, quém HG fed minorquim FH . Quo-
niam ergo HG ipfius EB tam multiplex
cft quim GF ipfius AE ; erir, 1.5. HG pl.
GF (HF, ipfius EB pl. AE [AB]tam mul-
tiplex quim uni HG unius EB (C) : Atqui
HF major eft quim K, & hzc maj. quim
HG; crgo,8.4¢f 5. ABad D eric in maj,
. « ratione

ﬂz
i
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rationequimCad D. Deindé , quonam
minor eft quim K , idcirco codem
modo oftendetur effe D 2ad € in waj.ra

‘tooe,quimD ad AB. Q-E.D:. :

.PROPOSITIO 1X.

Ve ad eandem ( B) . candems rationem

babent funt aquales intes [e}s uti ¢~

illa ad quas cadews candem haler
rationem , : :

. 1-Hrp. Sit Aad B ut C ad B 3 dicozqua-
nA&C: Namf A fit maj. vel min. qui
C; erit,8.5. A ad B in maj. vel in min.
ratione quim Cad B contra byp. )

2.Hyp. Sit B ad Aut B ad C; dico
2quart A & C;nam fi A maj.vel mmn.effet

. quimC; eric, 8.5. Bad A in mai. vel in

i

.min. tatione quim B ad € contra byp.

PROPOSITIO X.

A D candem maguitudinem ( B) ratio
nem habentinm , que majorem ra-
tionesa babet , illa major cff : Ad quim
werd eadem majorem rationems babes , - illa
Sit in maj.ratione Aad B,quimC ad I2;
“erit A majorquim C : nam f; zquarentur
A &C;effet,7.5. A ad B utCad Beon-
tra byp.: Sin A min. effec quim C; eric,
8.5. inminori ratione A ad B, quim C ad
B contra byp. L
Sit 2, B ad C in majori ratione quim B
ad A;eric A major quam C: Nam (i zqua- -
rentur
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“rentur C & A; erit, 7.5- Bad A wt Rad C
contrabyp.: Velfi C nrjorfitquim.A ;
erit, 8.5. B ad A in majoti ratione quim'B
ad C, contrabyp.. ' A

PROPOSITIO XI.
\V« alicui vationi funz]imilei, fune
etiam [imiles inter fe . .
Sit Aad B, ut Ead F & hacut Cad:D;

Atg; fame G, 1, Hzquimultiplicesipfara
AE,C, tum fume K, M, L,zquin. ipfaram

B, F,D .Quonjam, ¢sp.et Aad ButEad

F, (i G cft maj. vel mm.quimK, el ipli
aqualis ; erit, 6.def.5. | maj vel min, qua
M vetipfi 2quahis : fed quia etiam., #yp.
et E ad FutCad D ; i ] omaj. velaminieft
quim M, vel eidem zqualis:; -erit etham,
6. fef.g. Hmaj. velmin. quim L, vel ipfi
2qualis ;. Ergo i.G fit imaj, vél min. quim
K vel illi zqualis ; erit eciam H naj. vel
inin. quimL , vel ipfraqualis.; ddeoque,
6defisecricAadBat Cad D, QuE:D.

'PROPOSITIO XIIL
SI [int quotcunque magnitudines prd e
\.) portionales ; erunt omnes anteceden=

tesad omnes confequentes ficuti ana ante s
ccdentivan:ad unam confequentium

sume G, H, I 2quithuleiplices antece-

dentium A,GC,E, atque fume K,L;M zqui-
multi; lices confequentiuai B, D, F 5 erit
€rgo, 1.5, t:m multiplexuna G unius A,
quimonncs G pl.H pl. I omnium Acpl.

Py
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Cpl.E : & tam multiplex una Kunius B
quimomnes K pl.L. p}.M omnium B 1.D
pl- F. Quoniam autem ,%yp. et A ad B,
vtCadD,& hacvt EadF; fiG critmaj,
vel min. quim K, vel ipfi zqualis 5 eric
etiam 6.def.5. H maj vel min. quim L vel
iphi zqaalis, necnon [ waj, vl min 2?5'“
M selipfi @qualis s ac proinde i G cft
maj. vel min. quim K, vel iph zqualis;
erunt etiam G pl. H pl.]. may vel min.
quam K pl.L pl.M vel ipfis zg:nles ; ergo,
6.def.g.cric Aad B vt A pl.C pl. Ead B
pl.DpLF. QE.D- .

PROPOSITIO XIII.

: Sl firima (A) ad fecundam (B) babue~
vit eandem rationem, quam tertia (C)
-adquartam (D) 3 tertia verd ad quartam
majorem ration® babear qudm quinta ( F)
adfextam (F) 5 etiam prima ad fecundam
majorems rationems babebit, qudm quinta
ad fextam .

Sumantur zquimultiplicia tam antece-
dentium, quim confequentium : quoniam
ek, byp. Aad B ut C ad D; fi Hmaj. eric
qudm L ;erit, 6.def.5. G maj.quim K: fed
guia byp.eft in maj. racione C ad D quim

ad Esfieri poteft 8.4¢/15. ut H fit. majqui

- L, & 1 non maj-quim M : ergo fieri potett
ut G fit majorquim K & I non maj-quim
- M :ergo, 8.def.s. erit in majoriratione A
ad B,quimE adF. Q. E.D.
Hinc veré patet, quod i A ad B fitin
- maj. rat. quam Cad D, & hzcin maj. rat.
. qudin
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quim Cad D, & hxc in maj. rat. quim B
adF,ert Aad B inma. rat.quém%. ad .
Et fic de minori ratione dictam puta. .,

PROPOSITIO XIV.

S I prima-ad [ecandem eandem rationem
babuerit quims tertia ad quartam,
prima verd fuerit major , vel minor q4dm
tertia , vel eidem aqualis 5 erit etiam fe-
gundamajor yvel minor quam quarta , vel
cidem aqualis . _ .
Sic A major quim C; erir, 8. 5. in maj.
rat. Aad B, quam Cac B ; atque i.Cad B
eft jn minort rat. quim Aad B, & hzcin
eademrat.quim Cad D, erit, 13.5. Cad
B in minorirat. quim Gad D; ergo, 0.5,
Berit maj. quim D, Tum fi Aminor fit
quam C ; eriteodem modo B miner quim
D: Si A, & C zquentur; erit,7.5.Cad
- ButAadB,& hazcytCad D : ergo,9.5.
B&D zquamtar. Q.E.D. =
Hinc i fortiori {1 A2d B fit in minori
ratione quim C ad D, atque A major fit
uim C 4 erit B major quam D : atque itd
e zquali , vel minori ratione czterory
dictuw puta . »

PROPOSITIO XV.

Vb multiplices inter fe cum equé mul<
tiplicibus inter fe etiam comparatis,
Juut in eadem ratione

St AG, GB partes ipfius muhipliﬁs
ABipfi Cayuales: atque DH , HE par-
tes
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tes nulriplicis DE fipt zqualesipfi F : Ho=
rum partium nomeres illarum partih nu=
mcrp&zti)na,lis ponitur . ,q:bo'niam ergoeft
A(; 3& - ’H" 71'5' vt C ld ) & })20,7"' g
GB ad EH; erit, 11. & 12. 5. AG pl.GB
ad DH pl. BE, vc C ad .. Q.E: D.
' .y o
- PROPOSITIO XVI..
' I quasuor maguitudines propertionales'
° 2 fncﬁm';,e;lmvicimm. [ivé dremide
do proportionales efunt . o
Sit Aad B ve Cad-D-: &fumantur E &
F zquimoltiplices ipfatum A& B, tum
funie:G & H.zquimwitiplicesipfirum C
& D: Itagueeris Ejad F, 15:5 ye-A.4d B,
quz funt, byp. vt C ad D, quaefunt » 15-5=
vt G adH: ergo fi E maj. vel min. fitqud
G, velipfi zqualis; €rit etiam, 14:5+ F maj
vel min.quani H, veli=f zqualis ; adeoqs
6.defs erit A ad CyiBad D Q.EDy
L .PROPOSITIO XVIL. .
S 1 combafite magnitudinkts propovtions=
3 les fuerunt - be quoqué divifz propor<
pevtionaleserymt. - .
Dico i fit ABad CBvt DE ad FE ; fore
ACadCBwtDFadFE. - -~ -
Nam fume GH & HL, IK & KM 2qui- -
multiplices ipfarum AC, & CB,DF & FB;
ftetnTume LN & MO zquibultiplices ea-
rundem confequentiom CB & FE. Cated
rum tota GL rotius AB tam multiplex eft,
1.5. quim una GH unius AC, ideft, conftr.
quam una IK unius Il))F, ideft, 1.5 quim
s wa
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tota IM totius DE : item HN (HL pl.IN) <¢

ipfius CB 2qué multiplex eit , 2.5. acKO
(KM pl. MO)ipfiusFE . Quoriam igitue
eft, byr. ABad CBwt DEad EF; 6 GL
fitmajor , vel minor quan: HN , velipfi
xquahis; erit, 6.defi5. IM maj.vel min.qui
KO vel cidem 2qualis : itaq; ablatis utrin-
que con munibus HL, KM ; fi reliqua GH
fit maj- vel min. quim LN, velipfi zqua-~
Iisl'erifti etiamﬁIK n:laj. vel min. :a;, M(():
vel ipfi 2qualis : adedque.erit, Sdef'g, Al
ad CPB vtDFad FE. Q.E.D.

PROPOSITIO XVIIL
S 1 divifa magnitudines fint proportio~
) naless baquoque Compofite propore
tionales exunt . R _
Dicofi fit ABad BC, v¢ DEad EF; fore
AB pl. BCad BC, ut DE pl. EF ad EF.
~Sit(fif.p.) AB pl.BC ad BC, ut DG pl.
GF ad GF, & minor fitipfa GF quim EF;
ergo,‘n.g. erit ABad BC vt LG ad GF
fed etiam eft, byp. ABad BC ue DE ad EF;
ergo; 11. 5. erit DG ad GF ut DE ad EF ¢
atqui ¢ft DG major quimi DE 5 ergo, 14.5-
erit GF major, quim EF pars quim totunie

PROPOSITIO XIX.

1fit tdtam ad tétum qaemdm&lmi.

ablatum ad abletum 5 erit etiam veli=
qum adreliqups , ficut totum ad totwm .

Deindé [i itd fe habeat aliquod totum ad :

alis
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aliguem [wi pariens , ac ad alind totum ad
aliguam fui partem ; eriz, Convertendo
primsum.antecedens ad femetipfum devspto
confequente ae fecundum antecedens ad fes
metipfum dempto co'rr]egmue .

_ Dicot.: Sifit ABad DE v¢e ACad DF;
foreCBad FEvi ABad DE. Quoniam
€nim , byp, eft AB ad DE vt AC ad DF ;
erit, aiern, AB ad AC v¢e DEad DF ;ergo
erit, Divid. CB ad AC vt FE ad DF ; ergo
iteruim; altern, eft CB ad FE ut AC ad DF,

uz funt,byp. vt ABad DE; esgoceft, 11.5,
'BangstABadDE. -

D%’z. : i fir ABad CBvt DE adFEj
fore ABad AC ve DE ad DF.  Quonid
enim £yp. eit AB ad CB ve DEad FE,erit,
altern, AB ad DE ut CBad FE ; ergo erit,
(1.pare¢ buj) ABad DE ut ACad DF 3
atquetertims alrern. ABad AC, utDE ad
DF. QE.D. - '

PROPOSITIO XX.

SI [int tres magnitudines (A4; B,C ) &
D ipfis alie aquales numero (D, E, F)’
gua bing & in eadem ratione ordinata fu='
santur : Siprimarum trium, prima erit’
maj.vel min, qudm tertia vel eidem equa=
lis 3 erit pariter trium fecundarum prima
ma). vel min. qudm tertia , vel eidem

equalis .
Sit A maj. quam C: itaque erit, byp.
€ igvert, Fad E u:D C ad B, quz funt, Gbc”‘
> _
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& 8. 5. inmin.vac. qhar A ad B quz fme
#p. ueD 44 E;eégo) 13.5. eric in'aiin. rat;
H¥dE quim D ad E; adedque, 10.5: Deft
mﬂg-_‘qu‘f;ng Pdl\A .&‘ C C ALt g

int deindé¢ A & C, €5 : e[gQ Letit
byp.s invert. F ad E uf ad B, gﬁg fun.t'
:%P--& 7-5-ut Aad B, quz funt,, byp. yt D

d B ; crgoeft, 11-5. FadBEutD adE;

adeoqur, 9. 5. D & F zquantur. Q. E.D.

~ _ PROPOSIT1O, XX
IN ] fint tes tagnitudines; (4, B,C) &
@ ipfisalie (D, E, F) aquales numes

10, que bine fumantur,® in eadem ratione
porturbata ,. fit astem primarum prima

it el min.qudns tertia, vel cidem equa~

2is ; etit etiam’ fecundaram prima maj, vel
wiin. qudm terts, vel eidem equalis
Sit A maj.quam C. Quoniameft E ad
D, byp. & invers. ut C ad B : qua fune, byp,
& 8.§. in min.rat. quim A ad B, quz funt,
byp.ut Ead F 5 ergoeft, 13:5. in min. rat,
"ad Dqui E ad F ;adeoquey 10.5. D maj.
eft.quimF. Sint A & C fibi mutué zqua-
lés;ergo erit, byp.e invers, Ead D ut C ad
B,quz funt, byp. & 7.5. ut A ad B, qua funt'
HrpoutEadFjergoeft ,11.5. Ead D ut'
B ad F;adedque, 9.5, D & F aquantur .. -
Qc E. Do ' Lol .

PROPOSITIO XXIIL
S 1 fint quotcunq smagnitudines (A, B .C)

& alia ipfis aqnales numero (D,E, F)
q4n

j
|
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qus bina, & iri cadem ratione ordivata fie
mantuy ; erit prima ad sltimam in primis,
Sicut prima ad ultimam in /'mmdn .

Sume € & Hiprutn A & D Tum fame

18 E 1ae fume L
Mgf‘&? “'E‘ l"% w:un%fxgxmfé Qv&

mm ef o el ad E; eri
8 utH'a % o mm,H‘ .c
Bad C utB ad'F; crit, 6 q. FRadLucKad
M exgo G, Lulke:L. asque H, Kol M erune
Quogus. iR propottione ogdxmu adcoquc.
zo.s.ﬁ(,; mal-exitvelmin.quign L vel ciy
dem mquahls ) c:xt pamcl: Hmaj, vel min.
ug veleidem zqualis; ergo rit 5 Ga
3:/'2'.Aadcum;a£ b,

PROPOSITIO xxm f

S I fne quotcnnque magnitudines (. J.
B,C ) ¢ralie ipfis aquales sumere
(D E,F) qua bine . €~ irs tadem vatione

pesturbura fumiansy.; -eris prima ad dltie
e /2 pmm}im prima’. atsdum in

Jeomdis.. . i,

g dame S ELL i Gram AcB;D,mquitam,
fame K, I.,M’lxpf'smm C,E,F mgﬁ‘"gmpu.
ops exis Gad Hargo g urAad Aue funt, -
fi{hm 3d Fyuz fupt, - 5: ut Lad M ;
umgquoniam eft, byp. Bad CutDad E;
'“‘95 seHadKutTad L: ergo G,H,K
acque I, L, M ﬁl’t euam 1 FARONE Pertyr-’
bata, adedque, 2.5, fi G maj. vel min. e .
quim Kve ipfi- zqpalis ; exit etiam L pay.

wl ;nm‘quim ngi ipfi  zqualis ; ac to-
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indéerit,6.d¢f. 5. Aad Cficur D adF.
QQE'D‘ . oo - ; o o

- PROPOSITIO; XXIV.' ,
SI prima (AB) ad fecundam (C) ean
J dem babuerit vationem qudm tertia
(DE) ad quartam (F) : ¢ quinta BG
ad fecundam bapuerit . eandem rationems
quam fexta (EH) ad quartam ; erit cons~
pofitaex prima & quinta ad fecundam wp
compofitacx tertia @ [exta ad quartam . -

Quoniam eft,b7p. ABad C,ut DE ad F,
atqueefl, byp. 9 invers. Cad BG ut F ad
EH jeerit, erdin.AB 2d BG ut DE'2ad BH §
crgo etit compon. AG ad BQEut D&'l ad EH:
atqui eft j b#p. BGad € wtEH 4d }'; ergo
iterum, ordin.ctit AG ad CutDHad F .
Q E.D. . A

- PROPOSITIO. XXV.. =
SI quatnor magnitudines inejuales pro=;

. portionales fuevint (AB, C D; By F)y:
waxima( AB) minima (F) fimul fum=\
prarelignis (CD', & B ) ]imlfwti;
majoreserumt . - ot e E

" Fiac AG #zqualis ipi B, & fiav CH'
zqualisipfi F . Quoniam ergo eft, kyp.'
A‘}i ad CD utE adF, quiz funt, confivi -
& 7.5. wtAG-ad CH ; erit; 19:5. AB
ad CD ut GB ad HD r fed ‘AB, #yp. ‘major,
eft quimCD 5 ergo, 14. 5. GB major eft:
quim HD: a;-TJi confir. F pl. AG zquantur’
ipfisE ple CH; ergo fi primis addideris

.. o ma-
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majorem GB , & fecundis minorem HD ;
erunt, 4.4x. 1. F pl. AG pl. GB majores
quamEpl.CHpl.HD. Q.E.D.

"PROPOSITIO XXVL

. o - , - \
SI prima ( A) ad fecundam ( B) major?
babuerit rationem qudm tcrtia (C) ad

quartam (D) ; eritinvertendo fecunda ad
primam in minori ratione quim quarta ad
tertiam . N

Concipe, fe habere Ead Bot Cad D
Jeaqueerit Aad B, bvp. in m'aJ'. rat. quim
€ adD, qua funt,pefir.ut E ad B; ergo,
3 3.5. ericinma;.rat. A ad B quim Ead B;
adeoque; 10.5. A majoreft quim E; ergo,
8.5 inminagat. el Bad A, quim B ad E,
qua sfit,byp.e inverrut D ad C;erﬁon;.g.
eft inmin.rat, Bad A quam Dad C',,

.E. |
PROPOSITIO XXVII.

Sl prima ( 4) ad fecundsm (B) erit in
majori vationc-quape tertia (C) ad
quartam (D); erit ctiam alternando prima
ad certiams in majors yatione gudm fecnda
ad quartam . Co

ncipe , fehabere E 2ad B ut C 2d D:
Itaque in maj. eft rat. byp. Aad B quimC
ad Cad D,quz funt pofir. ut E 2d B ergo,
13.5. Aad Beft inmaj-rat.quimEad B;
adeoque, 10.5. A major eft quimE ; ergo,
$-5 cftinmajoraz. AadCquimEad C,

- Da . qua
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que funt, byp & altarn.ut Bad D 5 ergo,
xg.E eftinmajrat. Aad CquimB ad D .
QED. .
PROPOSITIO XX¥HI

,S I prima (A) ad fecundam(B) habue~
& vit majorem rationem quim tertia(L)
ad quartam (D) s exit quogue compofita
ex prima O fecunda ad [ecundam in majori
yatione qudm compofita ex tevtia & quartd
adguartam . ‘ C

. Concipe f¢ habere Ead B ut CadDe
igitut A ad B eft, byp.in maj. rat. quim C
ad D qu# funt, pefir.ut Ead B ; ergo, 13.5
Aad B eft in maj.rat. quam E ad Bjadeog;
30.5. A majoreft, quam E : ergo 4. 4x. A
pl.B maj.eft quim E pl.B ; adedq: in maj.
eft cac.Ap)-Bad B, 8.5.quim E'pl.Bad B,
quz funtbyp.&5 comp.ut %.D adD.ergoy
13.¢. funt in maj.rat. Apl.Bad B, quim C
pl-D ad D . Q-bE- Do .

.« PROPOSITIO XXIX. - .-
SI (4 pRB) compafu éx pritmis & fo
J scumda-ad feéuwdam {B) majorems hae
buersz rationevs; s { Cpl. D'} compos

- fitaex tertia & quarta ad quartam { D )

Babebst quogs dividendo prima ad fecunds

maiorem rationem,qudms tevtia ad quartam. .

. Concipe, fc habere Epl. Bad Bt C %-

D ad D; eritergo in maj.rat. Apl, Bad B,

Frg. quidm Cpl. Dad D, quz funt poﬁtl.uBt E
. . '

— e —
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1. B ad B. ergo,13.5. é?} _i_n‘maj.m.A ph.
2 acli l;, quémﬁ- plia B aéi BL; B;ad':oqne. 10:§.
« 19 Maj.cCit,. m o CIZO 5 §-8x,.
A'gza)‘or e 'uz,lg?E s ad':: 'uc,_.8§s_. ’c:it in
maj.rat. Aad B, quim Ead B, quafunt ,,
byp. & divid.ut tlgd D .ergos13.5. eftin
maj:rir. Aad B, quim Cad B. Q.E. D
A e s T o kx\'._\-,'
... PROPOSIEIO XXX. ..
St'( Apl Bad B) compofita'ex prima
G & fecunde ad [ecundam majoiens bas
buerit vationeds'," qidni (C pl. D ad D )
compofita ex tértia ¢ quarta ad quartam §:
ety “convertendo compofita ex prima o>
Jecunda ad prinians in min.vat. quins ome

fofiia ex textia , Cr quarta ad quartam.,
.. Quoniam eft, byp. inmaj.sat. A pl.B
ad B qpim C pl. D ad D; erit divid.in maj.

gat-Aad B;&uéfnc . fa,d{D’:-fggc:{ c'g: inverl,
a

0. min.rag. B ad A, quim " : €130,

@it comp. in min.zac. B pl. A.ad Axquam D

. "PROPDSITIO XXXL

’ 7' fucrit maior. proportia todivs ( Aph
_.B) ad-totum.,(C pl. D.) gudm ablati:

. -G'Az)ad-abmm‘- (€)s-erit fubtrabendo. rem

Liquum ad reliquum in. minori ratione qudm.

soturm. ad totum.. I

*. Quaniam, byp..cf in1maj.rar., A-pl.B ad:

Ll Dyquim A ad: €. 5 exptabresn, A pl.B.

&4 Asapin.C pL-D ad Cergo eecamyere.
. 5 . .’

.
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in min.rat. Apl.B4d Bquim Cpl.Dad D; /
adcoqsiterumy sésern. eric st min.rat. A ple

BadCpl.D 'quimBadD. QE.D,

"PROPOSITIO XXXH.

1 fine tres maguitndines (4, 8,0C) o,

alie ipfis aquales numero ( B, E, F) ¢
Jitquc major propoxtio prima priorum ad
Jecundans , quim prima pofieriorum ad fe~
cundam : Atque major etiam proportio fe=
cxyuda priorym ad tertiam , quam [ecunda
pofleriorsm.ad sertiawm ; erit ctiom ordi=
wendo majr proportio priv priovums ad,
2ertians,quam prime pofleviorums ad tertid
Concipe fe habere incadeqy ratione or~
dinata ipfasH, G, Cac fude D, E, Fsérie
B ad C, byp.in maprat. quim Ead F; quz
“funt pofite ut G ad C: ergo; 13.5. eft inmajé
‘rat. B ad C,quim Gad C;:adeoque, 10.54
B maj. et quim G : ergo, 8.5. Aad G eftt
inmajori ratione quim A ad B, & hzc
byp.inmajrat. quim D ad E; qua Tunt pefirs
ut Had G; adedque » 13.5. elt inmaj. rate
A adGquimHad G : ergo, 10:5.°A maje

eft quim H : Igitur, 8.5. eft in maj, rat..
ad € quim Had C que faritpomione ¢ apde
‘wt D ad F : ergo, 13.5.cft inmajorirat. & |

4dCquim DadF. Q. kD :
~_'PROPOSITIO XXXIL
1 [Int tresmagnitudines ( 4. B, C) %

NP alia ipfis aquales numero (DSE, F) s
"Jucritque major proportio: prima privriwe
. b . - ‘d



&d fecandam,quim fecunde poflevioruns ad
sertiam : Itemque major propor tio fecunda
priorum ad sevtiam, quim prima pofirrieris
dad fecxndans § erit etnam ex #qud perture
batd major proportio prima priorwm ad teve
tam qudm ‘gemu pofleriorum ad tertiams .
" Concipe f habere H, G, C incadem rae
fione perrarbata cum ipfis U,E,F ; enter-
80, byp. in majori ratione Bad C, quim D
ad E, quz funt pefis. ut Gad C: e1go, 13.5«
eft in majori sacione Bad Cquim G ad C,
adeoqne , 10. 5« B maj. eft quim G: ergo:
8.5. cft in majori ratione Aad G quim A
ad B, qua funt, byp- in majcat. quim Bad
Fquz funcpeprout Had G : erge,13.5. ¢
in maj.rat: Aad Gquim Had b:adc:buc
10.5- A maj. cft quam H:ergo,8.5. 4 é
eft in maj.xacioneqnim Had ¢ ; quz funt
pofit. & pertusb. e D ad Fi etgo,13.5-cft in
mafat, Aad Cyquim D adF. "QE-D.

PROPOSITIO XXXIV.

: S’I ﬁpfq;quogty@ngqitudfhest 4,8,C)
" alia ipfis equales numero( DyE>F )2

fitgue piajor ratio priws.priarim 5 ad pris
:mam_pofleriotim qudns feetnda ad fecuns

dam : & hac major qudm tertia ad tertid 3

@ fic deinseps ; babebit omnes fimal prio~

res ad ommes fimul pofleviores majorens

¥ationem qudms omnes. priores , dempta prie

wma, ad omnes pofierioves, dempta prima «

Contra werd; grima priovum ad gri;uam
¢ - pofle=
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policriorsem ent in may. yat. qudns emwes.
priores ad omnes poflerieres . Nection, cone
87a, owass priores ad omnes pofieyiores eriig
i ma).vat. quim wltima prioyups ad ultie
mmm'.m“m' PR B B IO i
L %qpqiam et Ayp.inmaj.rat.Bad B
uam Cad B ergo eft alrern. 1n maj.rate
Bad C ,quimE adF : ergoeft, comp.in
majori rat. Bpl. C ad €, quém Epl. F ad
F : ergo eft #lr. in majrae, Bpl.Cad E pl.
Fquim C ad F : ergo, fubrr. eft in majori
rat- Bad E quim Bpl. Cad Epl. F; fed eft,
byr.in majrat. AadD; quimBad E ;er-
£05 12-'¢- eft in maj. rat, Aad D quiam B
ple Cad Epl. F;ergoalrern.cft in majrate’
AadBpl.CquimD ad Epl. F; ergo come
pon. eft inmajrat. A pl. B pl.Cad Bpl.C
quim D pl.E pl.F ad E pl. F s ergoaitern..
eft in majrat. Apl.Bpl.Cad D £LE pl.F,
quimB pl.Cad Epl.F. Q.E.D-.
2. Ergo &sir fubsr. in maj. rat. A ad D
z);j:sn IA)-‘pl.‘B pl-C ad D pl-E pl E.

« Quoniam erge eft,w prius in maj.rate.
Apl.Bpl.Cad Dpl.E pl.F quim BplL.C.
ad’E pl. F, & heec,ur priss in. maj.rat-quinm:
€ ad F; erit, 13.5. inmaj.rat. ApkB. pl.€
«d DplE:pl.F, quim Cad F.. Q& En.

‘  'LAVS DEO.

IIBER

T

-



§
PN

-~

LIBER VI

1. 1{;“‘_’ tImiles figure re&ilines funt,
- ouyl (’{ () quz & angulos fingulos
%’? N ingulis zquales habent ,
A0 ,DP’ atque etiam larera,quz cir-
MRS cum angulos zqualcs, pro-
postionalia
- 2« Reciproca aut¢m-figurz funt , cim.
#n utraque figura antecederites , & confe~
quentes rationum tornant fucrint « -
3+ Secundup extremam, & mediam ra«
tionem recta linea feéla effe dicitur, cum
ut tota ad majus fegmentum , ita mas ad
mings fe habuerit. -
. 4 Altitudo cujufque figurz , eft linca
perpédicularis vertice ad bafim dedu@a.
s. Ratio ex rationibus componi dicitur,
eudm rationum quantitatcs. inter fc multi-

plicacta aliquam effecerink rationesu «
PROPOSITIO L

Rigngula(BAC, C AD) ¢ Parrle
lelogrammata(C B,C F) ejufdem ale
Situdinis fe babent ficuti bafes (BC C D)
Sumantur BG,(GH zqualesipfi BC;erit,
fs . triangulum HAC zqué triplum 3€li
.BAC,ac eft ipfa HC ipfius BC : tum fat
DFzqualisipfi CD ; eritetiam, 38.1. 3gliv
CAlzqué duplum 3gli CAD, ac eft 1pfa
ClipfiusCD - Quomam ergoi&.x. GHC
. major ficyvel minor, qpd Clyy u:ﬁ-als.qua-
- ) 16y

Y




86 Elem. ﬁudidis ,
lis, erit etiam'3glumn HAC mdjus , vel mie

hus 3glo CAL, veliph zqhale; idcires,

6.def.s. erit BC ad CD, utBACad CaAD,
quz-funt, 34- 1. & 15. §. ucpgrum ECad
pgrumFC. Q. E.D. . .

- " CORGQLL. Hine 13gla,8¢ pgra,quoruni
equales funt bafes, {c habent ut altitudie
nes o - :

PROPOSITIO 1L.

S I ad unum trianguls latus dulla fueris
parallela:; bac fecabit proportionaliter
veliqua triangu i lavera : & @ converfo.
Dico, fi DE fit parallela ad BC ; fore
ADad PByut AE4d EC + &, fi it AD
ad DB, ut AE ad EC ; foreipfam DE pa«
rallelamad BC.. o &‘ A
L. Hyp.. Quoniambyy. & 37.1. zquantug
zgla DI:B,% EDC; iderrcd i
4 ADad DB(t-6.]
Aqu. he ¢ AED ad DEB (7-5)
Ratones. ¢+ AEDad EDC (1.6.)
UAEdEC, |

o o Q_Eo D.
. 2. Myp. Quoniann '.

: (AED ad DEB (16 =
Fqo hz P AD ad DB (bypy .
Rationes. ) AE ad EB (16.) - °

CAED ad EDB. o
erit, rr. & 9. 5. 3glun DEB !l%!ﬂklpﬁ!
EDC,ted X utrunque ipforum eft lpct. €a-
‘3"1'; %aﬁl)&;ﬁer 53941 D‘E.p;ml ela eft

~ COROLLE. Quinims, f pluré¥ad usnm

38li larus pasalicle ducts fucnint, erimt
mnia

s e e e e
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- Liber VI, 87
omnia laretom fcgmenta £ibi mutwd pro~
portionalia«

PROPOSITIO IIL

Sl trianguli (BAC ) angulus(in A )
dsvifus fit bifariam; fe babebunt fege
menta laseris felhs ficeus nhqu mgub
latcray ¢ d converlo

Dico, fi zquétur angnﬁ BA D, & DAC;'
fore BDad DC, ut BA ad AC , &¢ con-

" uersd « In BA protralta fiar AE zqualis

ipfi AC, & ducatur EC.
l.Hyp. prnum AE, &AC :quanml,

idcirco

Equ. b fﬁ‘g‘é{"";*
. ht 32 | O co et
Eo 0' BAL b () N

anguli. A (32)

Adedque, 27.1. DA eft p;mllcla adCE
ac romé’é, 2:6.¢erit BD ad DL ut BA aci
Wﬁl-t, ‘.#"0&7‘05' ut BA“AC.

2 H}’r Quoniam efi ,' byp. BD a2 DE 5
utBAad AC, quz funt,mﬂr &7.5.-m BA

) ‘dAE, ““12'60ADM “50) SG

pmmdé B:’AD ¢
2g. 1)1
Equ. h; !AI:L ’(g.t) ) :

Q. E.D-

] PROPOSITIO V.

Tﬂmngalq aquinngnla (ABC, DCE)
babent latera proportionalia civcum

¢1ng cmg,ulos » & bomologa funt latera,

qius
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qua agwalibus engulis fubtevdpntur, -

Statue latus BC indire@tum lateri CE,
& produc BA, & ED donec fibi mutud oc~
currant in F.. Quopiam zquantur, byp, an-
guli B, & DCE; erit, 38, 1. 'BF,‘par,aﬁzl
2 CD r Item, quonian,byp.&qiantur dn<
guli BCA;&E s trixietiaim, 28, 1:.CA pax
rallela ad EF; figura ergo, FAGD oft Bﬂﬂ?
adedqee AF aqumwr ipfi €D , & FDaphh
AC: Itaque eft, g.6. BAad AF(CP) us

Cad CE, &alrers. BA ad BCut CD ad

E. Tu.erit, 26. BEad CEur-FD{AC)
ad DE, & altern. BCad ACut CE ad DE 5
};llcsdque eric erdin. BA ad AC ut CD; :4
COR.’&L-. Hinc £ in tri?a&ulo FBE
ducatur uni latgri FE paraliela -AC ;. ext
twiangalum ABC fimile toiFBE.

. 1 PROPOSITIO V. = ..
-1 dwo triangula{ ABC , EGT)  bae
,km latm ) 4 mm‘m‘b“ "m

oquignzula, | . T
.. Fiag angnIng DEF agualisiphi €, DFE
zqualisipfi. A ; aquabuntor: ctiam,, 32. e
B, & Djadeca erit,q.6. DE ad EF ut BC.
ad AC, qua funt, byp..ut EG ad EF; ergo:
11.8¢ 9.5.. 2quangur ﬁﬂ. & EG: &codem:

modo oftendetur zqnari FD & FG.; fed 8¢

EF eft communis.; ergo ,, 8 I.. triangula
GEF, DEF, adeoque & ABC func. fibimur

o zquiangula.. QE. D ¥ i
. . t ' Y : "nm .

B S
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PROPOSITIO VI

SI duo triangula (ABC, EGF) babes
7 ant.unumangslim (C) aqualews uni
angule(G EF) lateraverd aqmalens buyuf™
modi.angulum intercipientia fine propors
tionalia ; erunt omnind aquiangule , angu=
lofque aquales babebunt, [ub guibus bomo= .
loga latera fybtendsmtur . i

“Fiat angulus DEF zqualisipfi C,& DFE
xqualisipfi A ; erit, 2. 1. tertius B tertio
D zqualis ; adedqueerit, 4.6. DEad EF ut
BCadAC, quzfuntbyp, ut GE2d EF ;
ergo, 11, & 9. §. 2quantur GE & DE, fed
& EF eft communis, atque confir. anguliin
E zquantur ;ergo, 4.1. quiangnia crunt
inter fecriangnla GEF, DEF, adeoque &
ABC. Q.E.D.

PROPOSITIO VII--

I duotriangala babeawt smum angulié
equalem ; Items latera fecandum ane
gulum inteycipientia proportionalia fint :
@ babeint denique tertism apgulum ejuf
dem fpeciei § exunromming xguiangula ,
Dico, fianguli A & D 2quentur; & fit
AB ad BC ut DE ad EF, atque anguli C &
F fint cjufdem fpeciet 3 erunt aquiangula
ipfatriapgula, o .
. Sinegas, zquartangulos E , & ABC;
fiat ABG zqualis ipfi E : atqui, byp. 2qui-
wr A&D; ergo-ctiamy 331 cqu?&:ﬁu:r )
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AGB & F ; adegque , 4.6. erit ABad BG
ut DE ad EF,que funt byp.at ABad BC ;
€rgoy 11, & 9.5, 2quabuntur BG & BC 5.
ac proindé, . ¥.angulus BGC angulo é’;
adedque, 32.1. uterqueillorum eft acutus;
€180, .13.1. angulus AGB (F) eft- obtufuss
adeogue-anguht F & C non fuat ejufdem
fpeciei 5 contra bype .

PROPOSITIO VIIL
I ingriangulo veBangulo ab angulo re-
o dulla it perpendicularis ad latus
oppofitam ; vegultabunt duo triangula fi -
wlia toti & inter fe. o
Quoniam enim mngulus B eft camunis
n triangulis re@angulis BAC & BAD ;
ipfa erunt , 32.1. fi mutud zquiangula :
i etiam angulus C communiseft 1n 3glis
re@angulis BAC, & DAC; adedques32.1.
funt & tpfa inter {e zquiangula : Quiaergo
in triangulis retangulis BAD & DACan-
gulus Bzquatur , ws prius, anguloDAC ;
erunt, 32-1. egiam ipfa’ fibi mutuo aquians

gulay,  QE.D. -
' PROPOSITIO IX.

(5}

. Data vells linea (AB) imperatans

partem (3) abfcindere
* Ex A duc utcunque infinitam AF, inqua
fume ut¢unque tres partes fibi mutuo 2qua-
les AH,HG ,GF, & junge kB, cui duc
parallelam GC; dico fatum .-Nam eft,
2.6. AG ad GFut ACad CB & compon. AF.
o GF \ut.ABad CB.: aiqui GF ol é— ip~
R us

~
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. Liber rt‘ ot
fius AF ergo CB cf 1. ijpfius AL,
Q.E.F

PROPOSITIO x._

Llnem reflam dasars (AB) fecare fis
cnt alia (AG) feBaef) .

Extremitates fe®tz & infe@tz, jungat re-
&ta GB & ex pundlis § &R duc SC, RD
parallelas ipfi GB 3 dico faétum ; nam fi
ducatur parallela ad AG; erit ACad
CD, 2.6.ut ASad SR, & CD ad DB, 2.6.
ut CO ad OK, quzfunt, 34.1. & 7-5.ut
SRadRG. QE.F.

COROLL. Hinc patet methodus fecan-
di reQaniy datam in qaotvisaquales partes .

"PROPOSITIO XI.
Atis duabus re@islineis (AB, AC)
tertiams proportionalem (CE) in<
venire ..
Connt&tantur datz linez uc cﬂiclAnt an-

-gnlum A utcunque, & ducatur BC , & £x

AB protra&a fume BD aqualem ipfi AC &
per Dad 3C duc DE parallelam , ¢ui. oc-
currat AC protralla in B 5 erit CE K
quzfta o Nam Cﬁ) 2.6, AB adBD( Ac)
ut AC adCE. Q'E. F. -

“PROPOSITIO XIL.

de tribus vellis lineis (AB, BC 5
AD)quanam propersienslem(D B)
invenire .
Ducatag B9, ad quam pes C duccx e
llclam,
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rallelam, cui occu rrat D protraltain E;
erit DE linea quefita. Naeft, 25. AE
ad Bc ut AD ad DE- Q'Et Fo -

pnobos rﬂb"xm.

de duabm:re is }mm A(‘44.8, &C‘ )
medigm p.wpawmm ¢ SE )"m .
wenive, .. o4y

Super tota AC “deferibe- fcmiclrculum:
& ex B erige perpendxcularem ‘BE , & Iras
hanur AE, CE';'erit ergo, 31. 3. e€us
an ulusAEC‘ergd,ﬂ - & g 6. ¢rit AB ad
BEutBEad BC; eoque BE; ¢ q,uzﬁta
inedia proportionalis.- Q. . F.

“‘COROLL. Hmc hm'a reda 'y quz in
circulo d quo diametti, ipfi dia~
metro perpch\ch afis ducitur ad circum=
ferentiam ufque ,. media eft propomonahs
inter duo diametri. fogmenta . .

PROPQSIIIO XIv.

" Equaliyns , & gmm angulum et
dem babentinm, pavatielogrammorum.
(BE, BF) reciproce pvoporuomtlm jtmt
Latera equalem mgu*lnm ‘#nterci jmma s
& ¢ consersd . -
Latera enim ABy (BC. cieca.zquales an-
gulos fagiant unam t’c&am ; €fgo etiam 3
S Bk 1415085 8C in direStum facebunt ;-
ptgdu;mm ﬁD,;ECzdoncc occnmm

N AN P I T

';.Hy.

e




"Liber V1. * 93
t. Hype Quontam
(AB ad 2C (16.) -
Zqu. hz ‘EB ad BH(7:5.)
Rationes. ¥ F2 ad BH (1:6.)
GBad BD; o
erit ABad B¢ ut GBadBD. Q.E.D-

2. Hyp, Quoniam * '

© - {EB ad BH(us. :
&qu-hz @ AB ad B (byp.)y -
Rationes, - GB8 ad 2D (1.6.)
UFBad BH;
¢rgo , 11.& 9. 5. aquantur E8 & FB.

_-PROPOSITIO Xv.

Equalium o & unum angulum

( m C ) equalem habentium trian«

gulorum (AC B, DC E)reciprosé propor«

tionalia funt latera equalem angulum in=
teycipientia : & ¢ conversd.

Difponantur BC ; €D fibi indiretumsg

ergo Schoi, 15.1. £C, CA erunt etiam fibi
in dire&tum : trahatr jam BE .

1. Hyp, Quoniam

AC ad €K (1.6.)
Zqu. he ¢ AC ad CBE [7.5.]
Rationes. } DEC ad CBE (1.5)
] LDC ad CB;
erit, 1. ¢, AC ad CE ut DC adc¢B.
QE_-DO
2. Hyp-
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2, Hyp. Quoniam ,
ABC ad (BE (18.)

-

Zqu' he { AC ad CE [Hyp.] i
Ratienes. ? DC ad CB (1.6)) o

] UDEC 4d CEB;
erity 11.& 9. . zquantur ABC & DEC »
Q. E.D. ' o

PROPOSITIO XVI

SI quatuor lince (AB, BC, DB, BE)
[imt proportionales 5 reffangulum exs
tremarum aquatny veblangulo mediarum :
& ¢ converfo.

Cifponantur fibi in directum AB, &
BC 5 ergo etiam Schol. 15. 1. ob angules
rcélos zauvales in B, erunt fibi in dirc@Gum
DB, & BE : perficiantur ergo re@angula
FB,GB, & producan:ur FE, GC donce
fibi occurrantin H . o

2o Hype Quoniam

FB ad BH(1.6.)

Zqu.hz ¢ AB ad BC(yp.)
Rationes. 1 DB ad BE (1.6.)
LGBad sH; 1

3

erit, 11.& 9.5.2quitur FB & GB. QE.D.

2. Hyp. fuoniim
:\lB ad BC(1.6.)
Zqu. hz ¢ F8ad BH (7.5.)
Rationes. * GB8 ad BH (1.6.)
DB ad BE;
ergo,11.5.A8ad BCut DBad BEi‘Q'E'D' .

|
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PROPOSITIO XVIL

I tres linca (AB, BC, B E) fint deini=
ceps proportionales ; reffanguism exs
tremarum aquabitar quadratomedia. -
Difponantur reGtangulum & quadratum

\ juxtd methodum pracedentis ;

1. Hyp. Quoniam

Equ. hz (ﬁ%aixBBHc('isﬁ) Cypd

. a ) .
Raqttiloncs. BD ad BE ((1.6.) 2

) B ad BH;
erity 1%.& 9. 5. rectangalum FB zquals

quadrato 6B, five BCq. QE.D.

-2, Hyp. Quoniam

rAB ad BC (1.6.)
Zqu. hz § FBad BH (byp. & 7.5.)
Rationes, | GBadBH (1:5.)
| DBad BE ;
cria:r«. AB ad BCut DB [BCY ad BE«

. .

PROPOSITIO XVIII

: Data reftalinea (AB) dato reflili=
leo (CD FE)) fimile fimiliterque
pofitum relilineam (AB HG) defcribere.
" Dactum reétilineum refolve in triangun'a:
tum fac angulum B zqualemangulo D &

angulu:u BAH =zqualem angulo DCF;
. crit,
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erit, 32.1. reliquus reliquo zqualis : Item .

fac angulum HAG zqualem angule FCE,
& angulum AHG angulo CFE zqualem
erit. €y, 32. 1. reliquus reliquo aqualisy
adedque, 2.4x. 1. totus angulys«GHB tau:
EFD, uti & totus GAB toti ECD . zquaki--
tur 3 adeoque polygona funt fibi mutwd
zquisngula . Caztenim- proportionalicas
laterum patet s ‘ :
Nam, 4.6. erit GA ad AH ut EC adCF
& AH ad AB ut CF ad €D ; ergo erdin,
erit GA ad AB ut EC ad €D, Iraetiam
46. crit GH ad HA ut EFad Fc, & HA,
-ad HB ut FC ad FD; ergo etiam oridin.
erit GH adHB ut EF ad FD : praterid
quodeft , 4. 6. AG ad GH 'ut CE ad EF,

atque AB ad BH ut ¢D ad DF ; ergoionin-

nia latera funt {ibi proporionalia - -

QE.D.
PROPOSITIO XIX.

TRiangula fimilia (BAF,CDE) f[e
[chabent in duplicata ratione lates
rum homologorym (FB 5 EC). .

Datis jam FB & EC reperiatars 11.6.
terna progortionalis BG , quaz abfcinda-
ex majeri BF, & ducatur AG . Igitur erit
AB-ad DE, byp. & 4.6, ut BF ad E€,
quz funt conflr. ut EC ad 3B; ergo, 11.5.
AB ad DE funt recigrocé vt E€ ad GB

fed & zquantur, byp.anguliB& E ; ergo,
DEC:

15.6.aquabunwur tnangulal AGB, &
Igwur ,

ZKqu.



]
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BAF ad ECD (7.5.)
' BAF ad BAG (1.6.) S
Aqu bz ¢ FB ad GB confr. & §.def. 6,
Rationcs. i 'Bad EC pl. ECad GB[i0.
| defis.)
NVFB ad EC bis
QE.

_ COROLL. Hinc £ eres linez propor-
tionales fuerint ; erit prima ad tertiam ut

- 3glum fuper primam defctiptum ad fibi fi-

mtle 3glum faper fecundam defcriprum,
arque itd etia eft 2glum fuper fecundam
defcriprum ad fib fivile 3glum fuperter-
tiam defcriptum., '

PROPOSITIO XX.

Imilia Polygona in fimilia triangula
refolvuntur numerd egualia , & totis

. proportionalia: atque polygona ipfa duplia

catam babent rationems laterum bomologo=

5 o .

ueniam,byp. zquantor anguli & G, -
atquceft BA ad BC ut GF ad GHjerit,6.6.
3glum BAC fimile 3glo GFH , & cad€ ra~
tione jglum DAE fimile erit 3glo JFK:
Atque,byp.totus angulus BAE zquatur toti
GFK ; eigo refiduus CAD refiduo HFI
zquabitur, atque ita de reliquis diftum py-
ta . Queniam ergo zgla unius polygoni
funt fimilia 3glis altetws ; idcireo ,

E Aqu.



P8 Elem. FEuclidis :
rBCad GHbis(4.6. & 12.4.)
7 § BCpl.cDpl.DEad GHpl- HI
ZEqu. h= pl.IKbis (1965 ..
Rationes. BA'CEI.'CADpLDAEadCFH
1 pLHFI pl.IFK ()
Upgon BE ad pgon GK.
"QE. D'

COROLL. 1. Hinc fi fuerint tres linez
Te@z detnceps proportionales ; erit prina
ad tereiam ut polygonum fuper primam ad
polygonum fuper ffcundamad polygonum
fuper tertiaai 4ibi fimile , fimilicerque de-
fcriptum - )

2. Hinc etiam fi figuraram fimiliomho-
mologa latera nota fucrint; proportio quo~
que figurarum innotefcet, nempé invenic-

o tertiam proportionalem .

PROPOSITIO XXI

£ \V ¢ cidew relilineo (FH C) funt fi=
milia ; [unt etsam inter fe fimilia o

Quippé byp. angulus Bipfi F, & hic ipfi
Izquair ; adeoque B & I &quantur fibi
fnutuo atque itd de czterrs angalis dictum
puta; undé, 4. vel 20. 6. emerget laterum
proportionalitas , & adzquata fimilitudo .

~ 'PROPOSITIO XXIL
S I quatuor vee livee (4B, CD, EF,
GH) proportionales fuerint 5 ctiam
reflilinca (imilia , fimiliterque ab eis de~
) ' Jerirpe



A . . et

"Rauones

- Liber V1. 99 '
Jeripta proportionalia erunt « .

1. Hype Quoniam

CAIB ad KD (19.6.)
Zqu. Kz ‘ AB ad ¢D bis[Hyp.]
Rationes. ! EF ad (;(I;-Iobns (2046:)

Mad
erit 3glum AIB ad lnm CKD utpgrum
EMgagd GO. Qigx. D.

Ze Hyf. ' Qﬂ-ohia'm

rAB ad CD bis (19.6.)
Zqu. bz T AiBad CKD (by».)
Rauones. l EM ad GO (206.)
LLEFad GH bis;
erit, 115 ABad CDut EF ad GH.
QE.

“PROPOSITIO XXIII.

A Equiangula parallelogrammata intey
Jecam rationem babent, qu4 ex late=
1sbus componitur . -

. Dicofore ' AC ad CF ut BCad CG pl.
DC ad CE.

Nam difpofitis parallclobrammxs ut-in
appofito fchemate ;

5 AC 2d CF [s. def6.]

Kcu. ha AC ad CH pl.CHad CF(1.6)

BC adC(Jpl DCadCk.
Q.ED,

E 2 PL.O-



100 Ebkm. Ewnclidis
PROPOSITIO XXIV.

N omni parallelogrammo ( BD ) qua
circa diametrum funt parallelograme

Mata (EG’ Hp)fl‘ﬂt; G‘toti, a’ﬁh M= )

¢4 fimilia.
Siquidem EG & HF habent fingula uni

angulum cumtoto communé, atque,29-I. .

alternc's etiam, &, 1.1, oppofitos ad ver-
ticem fibi mutuo zquales : ergo eruntin-
ter fe zquiangula . Irem 3gla EAQ,BAC,
& HOC, 29.1. fune fibi mutud squiangu~
Ja ; ergo erit, 4.6. AE, ad BO ut ABad
BC,& hzcutOH ad HC. Q.E.D.
Nota mirabilem efle hanc proprictatem
fe&ionum factarum per diagonalem & pa-.

rallelas e decuffantes in parallelogram~ .

mo, niminim, ut quemadmodum comple-
menca X & Z zquantut ; 43-1+ quoad ma-
gnitudinem fpaciorum; itd ctiam,24.6. pa~
rallelogrammata M & N circa diametria
®quentur quo ad laterum proportiones.

PROPOSITIO XXV. .

DJu reflilineo (ACB) [imile fimili=
terque pofitum , idemque alteri date
(Z) aquate reQilinesm (MON) confli«
tuere , :
Applicetur, 45.1. ipfi re@z AB paralle-
logrammum AF eidem figure ACB 2qua-
le , & prowrato latere AB in infinitum;
applicetur, 45.1. lateri BF parallelogran:-
mum , BG zquale datz figure Z & inter
AB & BD, 13.6.inveniatur media proror-
: © tionalis

e s
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tionalis MN, foper quam; 18.6. fiat figura
ﬁdONﬁmiiisﬁ'gctz ACBjdico faltum .

am

(AF ad MON (confir. & 7.5-)
' ABC ad MON (conftr. ¢ co
ZAqu.hz § . ysll. 20.6-3 :
Rationes.$ ABad BD (1.6.)
( [ﬁga:ll %G, (confir. & 7.5.)
a ]
Ergo, 11.& 9. 5. zquant. MON, & Z .«

PROPOSITIO XXVL
SI a paralellogrammo ( ABCD ) paras

P lellogrammum (A E FG) ablatam fit
[imile toti, & fimiliter pofitum ; hoc circa
eandem cum tote diametram confiflet ,

+ Sinegas, AFC effe communé diametrily
efto-communis diameter AHC fecans li-
ncam EFinH & ducatur HI parallela ad
AE; igitur crit AE ad EH, 24.6, ut AD
ad DG, quafunt byp. ut AE ad EF ; ergo,
a— & 9.5.2quabuncur EH & EF, pars toti.

PROPOSITIO XXVIL

OMm'um paralellogrammornm ( ADs
. AG ) fecundums eandem vellam li-
neam (A 8) applicatorum, & deficientinz-

| figuris pavalellogrammis (C B, K1) fimi=-

A"

Iibus ﬁmilitézucpoﬁt:’ni( AD) quid &
dimidia defcribitur; Maximum.quidem cft.
{ AD) qudd ad dimidiam e applicatuns ,.
fimile cxifiens defeciui (K1) ;
. £ 3 ‘Nam.
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Nam,43.1.2quancur intes ¢ GE,& CG;.
ergo Ctﬁ’ 28X, IDKEiPﬁ CI’ & h-’)C, 36-"
ipfi AM =zquatur ; adedque etii,2-sx. AG
#quatur gnomont LGM, quod minuseft
quim zotum CE, cui, 36.1. zquatur ipfam.
AD; ergo AGminuseft quim AD+ -
Q.E: D. -

PROPOSITIO XXVIIL

D datam rellam lineam ( AR ) date:
rellilineo (C) aquale parallelogram=
mum (' AP ).applicare deficiens. figura pa=
vallelogramma (Z R ) que [imilis [it alteri
paralellogrammo dato (D ) . Oportet au-
tem datum reflilineums ( C ) ,. cxi qale
€ AP) applicandum.eft; non majus. effe co-
(AF) quad ad dimidiam applicatuy; fimi=
libus exiflentibus defefiibus , & cjus quod:
ad dimidiam applicatur 5 & ejus cui fimsile
d‘em dcb‘t . , Y
Bifeca ABinE, & fuper EB, 18.6. fac-
pgrum EG fimile ipfi dato D ; fitque EG
zquale dato C pl. I : Deindé, 25. 6. fac.
pgrum.NT 2qualeipfi I, & fimile dato D,
fivé EG : Tumduc diametruin FB, & fac
FO zqualem ipft KN, & FQ 2qualem ipfi
KT, axque dudtis paralielisur in fchemate 5.
esit pgrom AP id quod queritar.
Siquidem EP, 43.1. zquatar ipi PG 5
er1go, 2.4x.1. zquabuntur ZG & ER , cui,
36.1. zquatur AO; ergoiterum , 2. x. 1,
zqnabuniar AP & gnomon EBG : Deinw
d¢ quoniam E( zquaturipfis I pl.C fivé,

conflr..
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conflr.ipfis NT pl. C, fivé conflr. ipfis OQ-
EI.C; idcirco dempto communi OQ;zqua-

itur datum C gnomoni EBG, cui, us prius
zquatucipfum AP; esgo zquantur fibi my~
twoC & AP. Q.E.F. Dcindé,confir.
& 24 bujus bhazc funt fimilia », nempé D5
NTA EG) & ZR . Q_E- Fe

PROPOSITIO XXIX.
D datam rellaqa lineap ( AR )- dato
rellilineo (C) aquale Pgram (AN)
applicare, excedens.pgro (O P) fimile altes
vidato (D)

Bifeca AB inE , &, 18.6. fuper EB fic
perum EG fimile dato D, atque,. 25.6. fac
parum KZ zquale figuris EG pt. C & fimi-
Ie dato D, fivé EG : Tum duc diamctria
FBininfinitum, & fac FL zqualemipfi 1Z,.
& FM =mqualem ipfi IK & duc czteras
parallelas ; erit pgrum AN id quod qua-
ritur .

Quoniam enim zquatur BM;, 43.1. ipfi
LB, &hoc, 36.1. ipft RE ; addito utrique
cod€ LP; erit AN zquale gnomoni LN M;

Igicur -
. . C pl. EG (confir.)
KZ (conpr.) , 4
LM ‘9’. ax. f. } .
< gL pls EG (ur privs, &

ANl EG.

ergo dempto utripgue communi EG;
a2quabuntur C & m . Q.E.F g

'

Cztenim, con fir.& 2.hujus hze gz.nlg finilia,,
3 58 O0P. . . .
nempe D, EG & OB+ L& %iron
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PROPOSITIO XXX.

Ropofitam rettam lineams (AB)extees
L ma, & mediaratione fecare.

" Seca, 11.2. AB in G ; itaut ABG zque-
tur ipfi AGq. 5 erit, 17.6. ABad AG', ut’

AG ad GB . QE’ F-_ .

PROPOSITIO XXXI

N triangulo rellangulo ( 4BC) fighra
Juper bypothenufam ( AC ) deferipta
equasur fibi fimilibus fimilitergue pofitis
Jiguris contentis fub cateris cruvibus .
Ab angulo reéto ABC demitcatar B
perpendicularisin AC : eritergo,8.& 4.6+
& invers, DPCad BC st BCad AC, atque
crit ADad AB ut ABad AC ; ergo, corell.
20.6.erit DCad AC ust BMC ad ANC,

atgerit ADad AC ur AOB ad ANCiergo,’

24.5. ¢1it ADpl. DC ad AC vt AOB pl-
BMC ad ANC;atqui zgquantur AD pl.DC
ipfi AC; ergo, 14.5. 2quabuntur AOB pl.
EMC ipfi ANC. &

PROPOSITIO XXXIL
SI duotriangula( ABC , DCE) que

babeant duo latera dusbus lateribus.

proportionalia( AB ad AC ut DC «d DE).

_poffint ita in aliquo punilo-(C) connelli , us

straque latera hemologa fint (1bi mutud pae
vallela(nempe ABadDC & AC ad DE);
tum reliqua ipforum triangulorum latera.
(BC ¢ CE) fibi in direltum collocata ve~
perientur. . Siqui-

———
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Sitg;idem ob AC parallelam. ad- DE:, -
@aquabitur, 29,1, angulus D -alterno angu«
10.ACD, qui quidem ob DC parallelam
ad AB, zquabitur ». 29.1. etiamnangulo A;:
ergoanguli A:& D. 1bt mutue xquabune
tar, fed &, Hyp. cft ABad AC ue DC ad.
DE; ergo.cuam,6.6. angulus B-angulo.
DCE®quabitur,adedque totus ACE zqua-
bitur ipfis'A: pl. B : atqui- ACB pl. A ,,
pl.B;22.1. zquantur- duobusangnlis.reétis;
erzo ACB pl. ACE zquabuntur.etiam duo-
bus angulis rectis; adedq; ,.14+1« BCE erit.
unalincareta,. Q.E.D..

PROPOSITIO XXXIII. .
IN- aqualibus. circulis anguli candem bas:
 b¥t rationems cum pevipheriis( BC,FG):;
grilus infiftunt; five ad centra; five ad pew:
ripherias coftieuti fint ; infuper verd. ¢ fe=
Clores. fe babene. su eadems ratione arcuums 5,
quibus infiflamt-,. : v
Daucantur re®z BC, FG; & accomode«
tur Cl'zqualisipfi BC, arque fiant GL &:
LP zqualesipfi FG-& jungantur radii ..
Quoniam ergo zquantur , confir. fubtenfa:
BC & CI; zquabuntur ctiam, 28. 2. arcus,
BC & CI, adeogue , 27, 3. Sangyli BDC.
& CDI1; ergoarcus Bl zqué multiplex eft:
dati-arcus. BC. ac angulus BD1 angyli:
BDC, cadangue ratione. tam mulciplex.
eft arcus FP datiarcus FG. quam angulus.
PHP anguli FHG : venim fi arces.Bl ma-.
jor fit vel minor quim FP vel etdem 2qua-~-
lis, erit fimiliter, 27.3. angulus BDI.maj..
vel min. quim FHP ‘vel cidem aqualis ;.
o ks crgo.



ergo critarcos BCad | G, 6.d¢f- §. ut ang.
BDCad FHG , qui funt 20. 3. & 15. 5. uf:
ang.-AadE.  Q.E.D.
urfus angulus BMC & guatur 27.3. an-
golo CN I;ctrgo,lo.deﬁé.,fegmenu BGM,.
& CIN.funt fimilia, fed & ¢ nfiftiit fuper-
aquales reftas. RC & Cl;; ergo, 24. 3. funt:
etiam zqualia : [zem 2quantur inter 16,4 1.
3glaBDC & CDI 5 ergo, 2. 4. I.. 2qua=~
buntur fector:s BDC & CDJ, finulique ra~-
tienezqu2buneurfibi mutud..citores FHG,.
GHL & LHP'.. Adeoque tam. multiplex:
eft. fe&tor BDI fe&oris BDC.» quam arcus.
BI dati arcus BC , atque tam muitiplex eft
fe&or FHP fe&toris FHG. quam arcus FP-
dati arcus. FG. :: Bt quoniam. prout. arcus.
Blmajor vel minor.erit quim arcus FP vel.
cidem mqualis, eric fimilicerfe&or. BDL:
maj..vel mun. quam fc&or FHP: vel.cidem:
zgualis 3. idcirco,.6.d¢fo5. erit. fe€tor BDC.
ad FHG utarcur BC ad FG.. Q.E.D..
COROLL., 1.. Hinc ut fector. ad feQ@o-
rem fic angulus ad angulum ,,
- 4-. Angulus.incentro eft ad 4- reos ui:
arcus cuinfiftit ad rotam circumfeientis o.
3+ Hinc inzqualium circulorum arcus ,,
qui g%nlts fubtédunt angulosfunt fimiles..
- 4« Doz femidiametri 4 concentricis pes-
sipheriisauferunt fimiles arcus..

LAVS DEO.

IIBER »
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NX;]'.'AS. cft, ((;cdc:ndum
quim w uodque co-
iR rum . qux. junt-., upD,
dicitur ..

Numerus autem , ex:
" unitasibus, compofitaa.
: mpisitudo..

. 3.. Parseft numerugnumeti; minor mas
joris; cum minor metitur. majorem ..
4.. Partes autem, cugy non meticur ..

. 5+ Multiplex vero.major.minoris , cum:
majorem mictitur. minor «. |
d'a., Par numeruscft., qui bifariam divi~

icur.. _ _

.. Impar-vero,.qui bifariam non-dividie-
ditur.. Vel; qui unitate differt d pari, .

8.. Pariter par. numerus.eft, quem. par-
NUMEIUS, metitur per.nuINEIU parem ..

9. Pariter aurem.impar. eft ,. quem par:
numeres metitur. per nuMerum Jmparem «.

10.. Linpariter.vero impat mumerus. eft 5,
quem impar: numerus, metitur. per nume~.
rum imparem .. ]

11 Primus,numerus: eft’; .quem, unatas.
fola: metitur . v

12. Primi inter fe numcri. funt, quos.
fola unitas, communis menfurs, metitur ..

13+- Compofitus numerus eft, quem.nus.

meyus_ quifplam mesitur .. .

14.. Compofiti autem inter fe: pumeri:
funt:, quos.numerus.aliquis , communis
menfura, metitur... 35y Nus.
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15. Numerus numerum multiplicare:s

dicitur , tim toties: compofitus fuerit isy .

qut multiplicatur , quot funt in ip/o multi-
plicante unitates-, & procreatus fuerit
aliquis. :

16. Ciim a2utem duo numeri mutuo fefe

multiplicantes aliquem fecerine; qui faltus -
erity planusappellabitar. Qui verd nume~
ri mutuo fefe multiplicarine ,. lacera itlius.
dicentur. :

17. Cinr verd tres: numeri mutuo fefe:

multiplicantes aliquem fecerint , qui pro-
creatus erit, folidus apiellabiror : Qui-au~

tem numeri mutyo fefc maltiplicarine, lav .

tera-illius dicentur . )
= 18, Quadratus numeras eft, qui zquali«
ter zqualis. Vel qui{ub duobus equalibus
numeris continetir:e .
19; Cabus verd » qui zqualiter zqualis-

zqualiter. ' Vel., qui fub tribus zqualibus.

numeris continegure

20.. Numeri proportionales:fiint:,- ciim.
primus: fecundi , &.tertius quarti-, 2que_s
multiplex eft; vel eadem: pars, velexdem:
pattes:- Vel certéy crim primus fecundum,-
& tertius quartam ,. zqualiter continet ,.

eandemque infupecilliuspartem;, vel eafs-

dem parces... : :

21. Similés plani, & folidi funt, qui:
proportionalia habent latera. . -

22, Perfectos numerus eft;qui fuisipfius-
partibus et zqualis. :

23- Numerus: numerum metiri-dicitar-
per illum numerum, quemn mukiplicans .,
veld quo multiplicatasy illum producit . .

24, Proponiie numerorum eft habituda:

ouzdam,

- ———_ -
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quadam unius numeri ad alterum, fecun-
dum quéd illius eft multiplex , vel pars -
partefvé s vel cereé illum continer femel ,-
aut aliquoties , & aliquam infuper illius
parcem; vel partes . :

25. Termini, fivé radices proportionis -
dicuntur duo numeri , quibus in eadem

proportione mineres fumi nequeant .

26. Cum tres numeri proportionales-

fuerint; Primus-ad tertium, duplicatam
rationemn fmbere dicitur ejus, quam habet:
ad fecundumn . At cim-quatgor numeri‘
praportionales. fuerint;- Rrimus ad quar-

tuay , trniplicatam rationein habere dicitur-

ejus, quim habet ad fecundum : Bt femper
deinceps umo amplius,.quamdiu proportio*
extiterie .-

27. Quotlibet numeris' ordine pofitis ,-
proporttio primi ad uitimam componi dici~
turex proportionibus primi, ad fccandum,
& fecundi-ad tertium, & tertii ad quartum, .
& itd deinceps;donec exsiterit proportio s

ROSTVLATA,. SIVE .PETIFIONES.

n Poftaletar: ,.- cuilibet numero qaotli~-
bet poffe fumi 2quales; vel mukiplices

2;. Quolibst. numero- fomi- poﬂ‘e mejo~--

Itme.: .

AXITOMATA, S1VE: .
PRONYNTIATA. -
1.- Qi nomeri ‘equaliom numerstum;,
vel'ejufdem 2 3¢ mwuliiplices funt, tnter &
fane zqualcss .
. 2.-Quow-
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. 2. Quotum idem numerus zqué multie:
plexeft, vel zqué multiplices func zquales,,
anter fe zquales funt . .

§. Qui numeri aqualium numerorym o
vel cjufdem, eadem pars, velegdem parics,
fuerine, 2quales inter fe funs ..

4 Quorum idem numerus, wel 2quales,,
eadem pars , vel exdem. pastes fuerint.s,
zquales, inter fe funt.. .

5. Vnitas, omnem numerumny. per-unitas
tes , qu in.ipfo.func , hoc et , per ipfum~
WS pumernm metitur .. . :

6.. Omnis. numerys. f¢.ipfam metitor per:
unitatem .. v 3

7: Si pumerus numerum, multiplicans,,

aliquem produxerit, metictur multiplicans.
productum per multiplicatum, multiplica~.
tus autem eundem per multiplicantem «.

. 8. Si.numerusnumerum metiatur,&ille,,
per.quem. metitur, eiidem megietur per eas,,

. qu. 1n metiente fiint, vnitates; hoc efl; per:

ipflum numerum metientem ..

_ 9..Si numerus. numerum metiens, muls.
uplicet eum, per.quem metitur. , vel ab eo,
multiplicetur , illum quem meticus 5. pro~.
ducer . '

_ 10, Numerus.quotcunque numeros mea.
ticns, compofitum quoque ex.ipfis metitur..
* 11. Numerus. quemcunque pumeram.s,
me;xeqs,mentur quoque oinnem huineruim,,
quem ille metitor.. o

12.. Numerus. metiens: totum ,. &.abla--
tum, metiar, & reliquum...

PRO-.

—_

e A
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PROPOSITIO I

1 duobus numevis inaqualibus ( A8,
.CD) propofitis, detrabainy [emper
minor ( CD ) de majore (4B ) & reliquns
( £8) demunore (CD ) alterna quadam
[ubtraltione; neque reliquns imquam prace~
dentem metiatuy, donec affumpta fuerit unie
tas (GB); Ou d principio propofiti funt
sumeri.(AB,.C D) erustinter fe primi ..
. Figuram.videig.Tabula .. ‘

Nam. £ negas, nameros AB, CD efle
primos inter fe, habeant hi: comn.uné mé-
furamH : Numerus ergo H', metiens nu-~
merum.CD,. mezietureciam,. 11, ax.7, nu-
merum AE ; quandoquidem by p. numerus
ARE veleft multiplex- numeri CD ,.vel ipfi
z2qualis. ;. fed: idem numerus H mericbatur
f.Hyp. totum AB.; ¢rgo; 12.ax.7. & reli-
quum EB metietur = Cim:autem Hyp. nu-
merus EBimetiatur numernm.CF,nam vel
efbipti zqualis, velepsparsy idarcod , 1.
ax.7.numesus.H numerum . CF merietur ¢
Sed. & fubyp-meticbatur cotam CD 5 ergos
12.4x.7.metictur. etiam refidoums FD : Bi
autem meritur numeram EG, nam:vel e
cjus pars;veleidem zqualis; ergo 11.4x.7,
numerus H mecietur numerum EG : fed &
totum ut prius EB weticbatur 5 Ergo, 134
ax.7. & refiduum G B metictur,nempé nu~
merus unitatem.  QE- A.

PRO-
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**PROPOSITIO Il
Vobus numeris datis ( AB,CD )
non primis inter [¢ y maximam cori.
communens menfuram (F D) repevire .,
Fig. vide in Tab. .
Subtrahe minorem CD-ex:majori-AB,.
quoties poteft (hoc eft.divide majorem per.
sminorem ): Si nihil relinquitur,patet, tp~-
fum CD effemenfiram, fel partem numes
ri AB, nimirtim-partern denominatam 3
quetiente. : fod.& ipfe numerus CD mctis
tar, 6.ax.7. femetipfum per unitatem; ergo
erit communis menfura. utriufque numert:
dati. Qudd fi poftfubirationem numeri.
€ D.dnumero AB aliquid relinguitur , ut-
puta EB., deme hanc refiduum EB .ex mi--
nori dato CD, &religuum FD ex EB,& fic.
deinceps, donce-aliquis numerus FD pra--
cedenter EB meniatur, . id enim fiet antea
quam ad unitatem perveneris, alids.enim,.
1.7. numeri dati. effeat inter.fe-primi . ).
Erit crgo FD communismenfora quafita..
Nam ED:; confr.. metitur-numerum EB 5.
arque hic nuimerum CF ; ergo,11.04.7. FD:
metitur numerum CE: fed & Siax. 74 fea
metipfum meticur ;- ergoetiam ;. 10457, . |
totum numerum G D metietur:: - atque hic.
conffr. metitur numerum AE ;.¢rge, 11.4x..
7..numerus FD: metitur numerum AE: |
fed confir, meticbaturnumerum FB- 5 ergo.
&, 10.6x:7. totum AB metictur : adedquer
_inventa.eft I'D comnunis.menfiyra nume- .
r-rum datorum..Qpod autem fic maxima,,
€x co patet, quia nempé , fi dixeris ,.alium.. ;.
quendaci auawigm G. majorein ml?l;m'
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f FD efie maxioramn numerorum datorum
menfuram ; quomam , f, byp. numerus G
affumptus metitur numerum CD , metie-
tur, 1%.ax.7. numerum AE : fed, fihyp. to-
tum etiam AB metitur 3 Ergo,&, 12.4x.7.
numerum EB refiduum metietur,imo etiz,
conflr. & 11 ax.7. ipfum CF, fed metieba-
tur totum €D 5 Ergo, 12. 4x.7. & reliquit
ED mle::ninr s major nempeé mminorem .
(éOROLL. Hinc patet, numerum me=
tientem duos numeros metiri quoque maw
xiinam eorum communem menfiram »

PROPOSITIO Il

'Ribus numeris datis (4, B, C, ') non
‘A primis inter fe maximam corum m¥=
Juram (E) reperive ..
" 1-Cafe A, 16.]2Caf- Ay 12

BRlT L
'D.4.Gys. | D,4.E,2.F3

Tnveniatur,2.7. nuierus D maxima cg~
munis menfura duorum datotum A, B.
lam fi (utin 1. calu) numerus D metitar
quoque tertium €, liquet.ipfum D effe nu..
merum queficum ¢ Quod autem fit maxis
ma datorum numerorum menfura, patet s
Nam fiilla effet G major ipfo D, ergo nu+
meras G metiensfingulosdatos, metiretur-
coroll. 2.7, numerum P maximam come
munem menfuram primorum duoriz A , B,
nempé numerum D feipfo-minor€ . Q.E. A«

Sin yerd (utin 2. €afu) noerus D nom

et~
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metitur,numerum C; erunt @altém D, C
inter fe Compofiti 3 Nam(ér2.) A, B, ol
funtinter fe Compofiti.; ergo aliqua men-

fura communis. eQs.metitut,qua proprerea,.

coroll, 2.7, ipfam D metigtur, adedq; C,D-
erant inter fe Compofiti . Iam vero ipfo~
‘?m D,C, inueniagur , 2,7. maxima tmen=

ura E;; erit. B numerusquafitus : Nam E»
conffr. metitur numeros C, D, aqui D
metitur, confr. ipfos A, B ; ergo, 11.4x.7.
mumerws E.metitur fingulos A,B.C . Quad
a 1tem non major aliquts numerus, ut puta
Feosmetiatur, indé quidem patet, quia
newmpé i F metiretur numeros A,B; corum.
etam , ¢orol. 2.7 MAX IMaN communen
menfuram D metictur : atqui fi jam F me-
titur numicros- D,C 5 eorum pariter maxi-
mizm menfuram E metietur,major minoré..

COROLL 1. Hinc numerus: metiens.

tres nuMmerLs , COrUM QqUOQuE Maxtuam,

communem menfuram meticur ..

2.. Eodem artificio. invenies. maximam.
communem men{uram guatuor , vel plu-
tium numetorum. datorum «

PROPOSITIO 1IV.
M nis numerus(:A) omnis numeri ( B):
" minor.majoris, ant pars efl; ant par=.

ml'
I Gal. A, 6. 2. Csf. A 5.'_ .
B : 7‘- | B:IO..
3’ Cﬂ!o A s D
o BJ 12.. -

1. Ca-

———
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- 3. Cafus. Sj A & B primi funt inter fe ;
erity 4-4¢/.7. Atot partes numeri B, quot
fant in A unitates, nimirum -%.
- 2.Caf. Si A metiatur numerum B 5 li-
quet, 4.def.7. effe A partenripfius B deno-
minatam d quotiente , qui refaleat cx divi-
ﬁ'one pumeri B per numerom. A, niminim.
z_.-

3.Caf. Denique i A & B aliter compo~
fict inter fe fuerint; inveniatur , 2. 7. ma=-
xitma eorum communis.menfura , quz qui=
dem determinabit quotnam partes numeri
B contineat numerus A, fi. népé viderimus
quoties communismenfura contineatur in
A &%uoti;sinli 5 undéinhoc cafu A cft
4 ipfiusB.

Schol. Hinc autem patet,quidnam fit fra-
¢tio numeralis ; nihil fané, nifi numerus
minorconfideratus tanquam pars. vel par=-
tes naineri majoris ¢ Quota.veropars. vel
quotnam, & quota partes fit illius , patebit
fi inveniremus utriufque numeri dati ma-
ximam cominunem menfuram , & per cam
utranque numerumn. datum. diviferimus;
prodibunt enim ex divifione duo numer: ,
Ruotienses vocari foliti quorum: alser erit
- fxactionis Numerator 5 alter vero: Denomtin
naLor » . .

PROPOSITIO V-

SI numerus(A ) numeri (Z) eadem pars:

fuerit qua alter (B) alterius (X) 3 &

fimul uterque (A pl. B) utrinfque fimul

(Z pl X) cadem pars erit,que mm; uniNSe.
. N 3..



116 Elem, Enclidis
e A » 3.. Z by ,o
v B) 4i . x) 120 .
Quippé per ddditionem [pecis[avso.
A zqu- _l_. Z L
B =zqu. +.X.
Ergo-A pl. Bequ. = Z, pl. Xe
T QED!

PROPOSITIO Vi.

I numerus(A) numeri( Z) partes fies
S rit & alier (B) alterius ( X ) exdem
'\partes 3 & fimul uterque nrvinfque eadens
parserit que nuus unins o .
A, [ Z, O
B 3 4 . X 3 Ge.
Quippé per Additionem fpeciofam,
A g.. S 4 .
B zqu. 4. X.

"Exgo Apl. Bzqu. 3. Z pl. X.

SCHOL. Hzciaropoﬁtio suti & przce#

dens reddi poteft univerfalior ,. & cademy
wethodo demoftrari,fi nempé dixerimus,-.
quod s Si primus numevus [ecundi eadem pars .

wvelpartes facrit , qua tertius quarti, qQuintus
[exti atque itadeinceps; erit compofitus ex pria
210 5 tereioy 89" quinto eadem pars vel parses
compofiti ex [ecundo, Guarto (T [exto , qua prie.
nons, fecundi. .

PRO-




b Liber VIV, @7
PROPOSITIO VII.

-~ €\ numerns (AB) numeri (C D) eadem
) V) pars fuerit qua ablatus  AE ) ablati
(CF);ctiam religuus ( EB) reliqui (¥ D)
. eddems pars erit qua totus totius .
\ F1z. vide 1n Tab.
Siquidem AE pl. £B zquaneur, 5p, £,
CF gl. FD quodpzquatn’:? byp- ?',. E pl.
2. FD : arqui, byp- AE zquatur 3. CF ;
CIg0,  3: 4 o EB zquatur 3. FD. .

PROPOSITIO Vill

I numevus (A B) numeri (C D) eaders
partes fuerit, quales ablatus (AE)

| ablati (CF) 3 velignus etiam (EB) reli=

| qui (FD) eadem partes erit quales totus
totius.  Fig.videin Tab. '

i Siquidem , byp. AE pl. EB zquantur-2,

CFpl.}.FD: atqui, byp. AE zquat. %, Ci=;

€rgo, 3.4x. 1. EB ®quantur. FD.

QED

PROPOSITIO IX.
I numerns (A) numeri( BC) pars fues
it & alter (D) alterius (EF) ead®
pars s itd vicifimque pars.eft, vel partes
primus tertiiy cadesn etiam pars vel eaders
partes erit [ecumdus quarti
Fig. vide in Tab. sic



113 Elem. Esuclidis
Sit AL BC & D X EF & folvatur bifa-
riamaumerus BC in {uas partés BG, GC,
uti & numerus EF in fuas partes EH , HE :
Tumgquoniam BG, (hoceft A) ¢adem’eft
ars, 1.4x.7. vel partes numeri EH (hoc eft
B) quz numerusGC numen HF ; ent, 5.,
vel 6.7. numervs A numeri D cadem pars,
vel partes quz totus BC rotius EF .

L3 . »

PROPOSITIO X.

T numerns ( AB) numeri (C\ “partes
fuerit, & alter ( DE ) altcrins( F)
eadempartes; etiam viciffivs, que parseft
aut partes primus tertii , eadems pars, vel
tiedem partes erit fecomdnsquarti-« -
Fig.videin Tab. :
Sit numerus AB duz tertiz numeri C,uti
& numerus DE duz tert:z numeri F, &
concipian.ur AG ; GB partes numeriC,
atque DH , HE partes numeriF . Igitur,
byp.numerns AG numeriC eadem eft pars
quzipfe DHipfiusF ; ergo, 9.9, alternan-
doerit AG ipfius DH. eadéque ratione GB
ipfius HE, a-que proindé coniunttim, 5. &
6. 7. totus AB totivs DE eadem pars vel
fartes, quz numerus C numeri Feo

PROPOSITIO XI.
(; T fuevit ut totus ( AB) adtotym (C D)
v ) taablirys (AE) adablatum (CF)3
o118 & relignus (E B} ad reliquem (F D)
aetotusad totem . Fig.ovide in Tab,
1. Caf.

d




Liber pI1. 119
1. Caf.. Sit primo AB minot quim CD;
‘ergo,4.7- AB, vel parseft, vel partesipfius
CD, necnon byp. & 2. def. 7. cadem pars
efl velczdem partes ipfe AE ipfius CFy
‘quznumerss ABnumeri CD ; ergo, 7. vel
8-7. reliqous EB retiqui FD eadem parseft
vel partes qua totus AB totius CD ; adeoqs

20, def. '6 erit ABad CD utEBad FD .

* E' .

' 2.7Caf. Sin fuerit AB major quim CD;
eodem modo oftendetur effe CD 3ad AB
utFDad EB, & invers. AB ad CD ut EB
ad FD. Q.E.D-

~ PROPOSITIO XII

SI Jfint guotcunyse nmmeri proportionas
les(Aad But Cad D, atque bi ut E
ad F ) ; erit quemadmodwm unus antece=
dentium ad unum c onjequentinm, itd om=
nes fimul antecedentes ad omines fimul cone
fequentes, .
A 4 . C 2 . ’ B 20
! B 8 .. D 4. F~-6- .

Sint primé A,C,E minores ipfis B,D,F;
ergo, ob zqualitatem rationum , erit, 20.
def.7. A eadem pars , vel patres ipfius B,
queCipfiesD & que B ipfiusF ; ergo,
Schol, 6.7, Apl. C pl. E eft cadem pars vel
pattes nument B pi. D pl. F, que unus A
unus B ; ac proindé, 20. def. 7., erit Apl.
C paééaix)a pl.D pl. F ut A ad B

) Sin A; (.0) ipﬁs B ) D b F maioffs po-
nantyr; idein (dtendeiur mmuux/\lﬁb



220 Elem. Enclidis.
PROPOSITIONE XIIL

SI [int quotcungue numeri proportiona~
v les (Aad B.ut C ad D)ietiam vicif -
Fm , fiee alternando proportionales erunt.
A [} C 4

Sint primo A & £ minorcsipfisB & D,
atque A fit minor quamC, ergo, cb ratio=
num aquali-atem, erit, 20.d¢/.7. A eadem
pars,vel partes 1pfius B quz numerus C nu-
meri D ; ergo, 9, vel 10. 7. vici[[m, fivé al-
germando 4 entt A ipfius C eadem fars , vel
partes, quz Birfius D 5 adcoque, 20.def. 7.
eric AadCutBadD. Q.E.D,
_ Sin A major fit quam C, atg; A & C ma-
jores flatuantur quim B & D idipfum
probabitur inversendo .

SVPPLEMENTVM,
EX CcLavV1oO.

 THEOREMA L

S T compofiti numeri proportionales fint;’
bi quoque divifs proportionaleserunt .
(Sifit AB ad CB ut DE od FE ; dite
fore ACad CBad DF ad FE .

Fig. vide inTab. -

Quoniam ABad CBeft,fyp. ut DE ad

T'E; erie,1 3.7, alrern. AB ad DE, ut CBad
1E; ergo,11. 7, religuus ACad reliquum
- ' DF



Ziber V11, 137
DF eft ut'tots AB ad totum DE, quis brp.
ef}, ut CB ad FE,& rurfus alternan.eft AC
ad CB)uth ad l’E . QE- D.p

" THEOREMA I

- Sl divifi numevi proportionates fint 3 bi
- guoqne.compofiti proportionales evunt.
fifit AB ad BC ut DE ad EF 3 dice
Jore AC ad BCut DEadEF.)"
- Fig' V-'in Tab- 5
" Quonizm eft AB ad BC, byp. ut DEad
EF; erit, aitern. ABad DE ut BC ad EF;
~ adcdque érit, 12.7:ACad DFurBCad EF,
- &rurfis aliern, ACad BC ut DF ad EF.,
(Lht D. ot .

THEOREMA -f1I.-

St quatior vumeri [t proportionales; bi
| 8> quoqgs comvertendo proportionaleseriite
| €Sifit ABadGEwt DE ad FE;dicofos
" 76 ACad AB ut DF ad DF : vel f; mae
. visABad ACat DEad DF.)
] Fig.v,inTab. '
Quoniam eft, 4yp. AB 2d CB ut DE 24
- FEj erit, altern. AB2d DE ut CBad FE 4
ergoerit, X1.7. reliquus AC  ad reliquuim
DF , ut totus AB ad torum DE 5 & rurfus
attern.erit ACad ABut DF ad DE, &fi
Jubet invers. AB ad-AC ut DE ad'DF .«

Q.E.D

T
”

" PRO-



323 ZElew. Fuckidis
"' PROPOSITIO XIV.

Sl fint quotiwnque numeri (A4,8.C) &

aliz totidem( D, EF )illi nguales mul=
Situdine , qui bini Jumantnr , €7 incadems
& e oydingta ; erit. <X, MO primans ad
Hitimnm in priovibus, wt-privsns adultiy
woe ingofiariorsbas s > .. " 0

T - TN C\ 3 K
D3 % -

. E 4. Ea. -

1 Q‘onia"lfﬂ 3 HW' .Aad B ;.utD adE
& Bad CuctEadF; erit altern. AadD ut
bad E aiquehiut € ad F; ergo Aad Dut
‘Cad F; & ryrfus ghrern, A ad Cuc DadFe,

N '%éc D. . .

PROPOSITLIO XV.

Q1 wnitas.yumersms guomspiam {3) mes
N tiatur ague ac alter numerus(3) alte-
70 (6)3 ctiam altervando, unjtas textizm
Belictnr.aqué as feenudus gaurinms o .
| (1elbs L2 e
. 3> 65 - ...
Quoniam , Hyp.unitas eft eadein pars
$p60s 2, quzipled, iphus6 s erit » 9+ 7o
atrern. unitas eadem pats ipfius 3, qua ipfc
3.iphuss. Q. E.D. =~ .

- PROPOSITIO XVIL

S{I duo numeri (A4, & B ) [efe mutud
multiplicantes fecerint aliquos (A B,
. Ba

-
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t
\

l‘hr yil. ”j

. BA); geniti ex auluphmme wqu.iles

dnter fe crunt . 3
B; 4. A, 3.

A,z- B,3. =

AB’ 2. BA, I3

Quomam AB 1dem eft arque A duftum
in B;erit, 15-def.7.uniras ad A ut Bad AB,
&a'tern. unitas ad B ut A ad AB. Tnm
quoniam BA idemeft arque B du@um in
A ; erir,15.def- 7. unitas ad But A ad BA;
crgoA ad AB et ut Aad BA ; adepq; AB
& BA 2quantur. Q.E.D.

PR OPOSITIO XVIL. ’

I uumerns ( A). duos numeros ( B8, C ')
mulnpluans,ﬁrcmt at(quos(AB ACYi
genitiex zpf s eandem ryationem babe&pnt
qudm mﬂmpltcmx
. 3 3.

o AB, 6. _AC, 12,
‘Queniam enim. AB idem eft arque A
dui\um in B, & AC idemi€ft atque A dus
GuminC; cnt, 15.def.7.unitasad At ﬁ
ad AB, & unitasad A utC ad AC ; c1go
efitBad ABucC aa AC.atquc ahtrn Bad

PROPOSXTIO XVHI.

S T duo numeri ( A & B) numerxm que-
pzam (c) muluplrmnmfcmrmtalm

ques



T4  Elem. Euclidis
gmes (AC , BC) ;5 geniti ex ipfis candem
rationem habebunt quam multsplicantes

C, S
A>3 B, 9.
.AC,"" 'BC’ 45'

" “Quoniam enim , 16. 7. AC & CA fibi
®quantur mutud,ut1 & fibi BC & CB; eric,
27 7- & 1.4x.7. C A (hoceft AC) ad CB
(haceRBC)ut AadB. Q. E.D.

- PROPOSITIO XIX.

SI quatuor numevi proportionales fuering
(Aad But Cad D) 5 Duiex primo
& quarto fit numerus equatur ei qui fit ex
Jecundo, ¢&r tertio i & éconverfo.
A,4| B, 6. C‘, 8, D, 12 .
AD,480 ’ BC’ 48'
Quoniameft AC ad AD, 17.?- utCad
D, quifunt Hyp, uc A ad B, qui funt 18. 7.
ut ACad BC; erit ACadAD ut AC ad
BC ; ergo AC & BC zquantur . Q.E.D.
Tum quoniam AD & BC aquantur; eric
A ad B, 18.7. ut AC ad BC qui funt, 1. ax.
2. ut AC ad AD, qui funt 17.7. ut Cad D;
- ergoerit AadBut Cad D." Q.E. Dy’

PROPOSITIO XX.
I tres numeri ( A,B,C ) continud pro«
F portionales fuevint 3 qui fubextremis
ontinetur, aqualis eft ei qui efficitnr 3 me
dio: Zr & comuersd R
t ]



|

LibervIl, 13§
A, 4. g.s- Cro -

36
. P s .

Concipe numerum D zqualem ipfi B;
erit ergopD adC, r.ax.7. ut BadC, qui
fant byp.ut A'ad B ergoericD ad Cut A
ad B; adedque, 19.7. AC zquabitur ipfi
BD, (hoceftipfiBB). Q.E.Dv Tum
quonia AC zquatur ipfi BB (hoc eft BD
erit, 19.7. A ad ByutD (hoccft B)ad C.

PROPOSITIO XXI

Vmeri (A B, CD)minimi omnium,

" eandem cum eis rationem habentiid

(Bs F) metiuntur aqué ipfos numeros can=

dem cum eis vationem babentes, major qui=

dem( A B) majorens( E) minor verd (CD)
minorew \F).»  Fig.v.in Tabula.

- Nameft ABad CDsbyp. ut Ead F: &
altern. ABad E,ut CD ad F. Ergo,20.def.
7- AB eademparsefl, velpartesipfiusE,
quz CD ipfiusF . Non partes ; Sint enim
(fi fieri poteft) AG, GB partesnumeri E ,
necnon CH, HD partes numeri F : erg
20¢defe7. AG et ad E, wiCHadF ; &
altern. AG ad CHutE ad F qui funt, byp.
uc AB ad CD. Ergo AB, CD non funt.
minimi in cadem ratione, consra byp,

F3 PRO-
' \

-



126  Elm. E uclidis
PROPOSITIO XXII

I fuevint tresnumeri( A, B, C) & alif
Y ipfis muliitudine aquales (D, E, F)
qui bini [umantyr,&» in cadem ratione peva
turbata ; eriam ex aquo erit primus ad ul-
timms i primis, ut primns ad slzimuns i
Jecnndis . '
- A 4 . - B %o» C 2.
Di12. E38. Fes. .
Quoniam eft byp. A ad But Ead F; erit,
39.7. AF zqu.ipfi BE : fed quoniameft
byp. Bad C, ut D ad E; erit, r9.7. BE z?)u.‘
ipfi CD . Ergo, rax.v. AF2qu.ipfiCD:
adedque, 19. 7. et A ad C ut DadF.
" Q'EQ D& . ’

. PROPOSITIO XXHur.
Pkimiir;,terfc numeri { A, B ) . wivimi
Juntomnium eandens cum eis ration€&
Mcﬂtﬁmt'o
s Ag. B g
P S A Cs.E D *3.'
N A TR
- Sinty i fieti poteft, C', D minores ipfis
A,B; atqae ineadem ratione . £rgo,21.7.
C mretitur ipfum A, zqud ac D metiturip-
fum B, ut puta per cundem pumerum E .
Efg@,ﬂ;’-e’m*ﬁ . eft t-adE ut C ad A’
& slrermir.ad € ut E ad A,atq;ead € ratione
erit 1.2d D ut E ad B:atqui 1.metitur ipfos
g,& D : Ergo, 20.defi7. E metitur ipfos
»& B:adeoq; A,B,non funtinter fe primi,.
onsdadyp, , PR
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PROP OSITIO XXIV.
TNy P meri A, B minimi ommism and¥
: . um eis rationem babentinm, prims.
S Age B4.
D € E

+ ~Habeane (fi fieri potefk) ipfi As B,cnme
manem menfuram C , & is rutiatur ipfun
A per D, & tpfum B per E = Ergos 9.8x. 7.
€D zqu. ipli A, & CE xqu.ipfs B. adeogs
erit, r.av.7. AadBut CD ad €E quifunt,
17.7. ut D ad E : fed D & E minores funt

uim A,& B, utpotéeorum partes: Ergo
» B non funt minimiin fua ratione, cone
tra brp.. L ‘ .

PROPOSITIO XXV.
SI duo numeri ( A, B) primiinter fo

fuerint ; qui covum unum ( A) metitur
niimerus (C) ad reliquum ( B) primas erit,
v 69‘ :354.. e
* Nam'fi 'Jixegs’; aliqwﬁ.;amm,-puu
ta D, numeros B,C metiri ; Ergo,11.6x.7.
D metiend nufnetunhy C, metietur numeriy
A fc&mw_t,u,r;ez'%mnum;qmnk * Rmgyp.

5, B non funt inter fo primi , comsra Hype. |

. 'PROPOSITIO XXVL
Sz duo numeri ( AB) 4d guimpiam(C)’
primi fuerint’; eviam ex.illis genitus.

s» (48) ad eundems. C-primuserit s -

| Y W



ng Elem. Euclidis ™ 2
As. B3. ABIs,
. C8, E. F :

T Sit(fi fieri poteft) ipforum AB, Csgome
gn}mrsznﬁnfur% nllixmerus E, &EEchtiqt;é
um AB per F: Ergo, 9.4%.7. EB2qu.i
XB : adeoque, 19.7.¢ft Ead Auc BadF.
Quoniam verdipfe A primus eft refpetu
ipfius C, & ipfums C ‘meticur numerys E ¢
. esunt proinde , a5.7. E, A, primi interfe ,

adedque,23.7. in fua ratione minimi: Ergo
21.7. numerys E zqué metitur numeruin B
atque ipfe A ipfum F: atqui B metiturip-
fum etiam C: ergo B, C non funt.inter fe
pruo, contra byp,

PROPOSITIO XXVIL

I duo numeri( A, B)primi inter fe fue-
) vint 5 quadratum ctiam.alterntrivs ad
religuum primus evic .
A 4. B So-
.Aqn 16. D 4.

Concipe numerum D zquarinumero A+
erunt, 1.4x.7. proindé finguli D, A primi
ad numerum B ; ergo, 26.7. AD (Aq.) ad
B primpserice Q.E.D. . C

PROPOSITIO XXVIIL
T dud numevi (4, B) ad duos numerss;
D (C,D) uterq; ad utrunque primsi fue=
sint 3 &r qui ex ipfis gignensur (4.8, C.D)
primi inter fe erunt . i o
A LK) ’ C 4
B 3. D2/

MBI CDS  Quo-

- 44,_
. e . o a—

L L e a maa



Quoniam cnim,,b,g. A,B, primi funt ad
C 3 ctiam, 26. 7. AB-ad ipfum C primus.
erit. Erquoniam A, B, primifantad D 5
erit, 26. 7. etiam AB primusad D ;: Cim
iéitur C, D ad AB primi fint ; etiam,26.,7. .
D:ad AB primuserit .

~ PROPOSITIO: XXIX..

I duo numeri( A, B)primi inter [¢ faes.

ving 3 ctiam corum Quadrata, uti &
C wbi primi inter fe erunt .
2_ 3 gti 2.
A-gozgo B BC-' gb -

Quoniam enim A primus , Hyp, eft*ads
B; erit etiam,27:7- Aq.primus ad B: & quia
Aq. primus eft ad B ; erit,27. etiamidem .

q. primusad Bq. . Rurfusquia ram A ad

s & Bq.,quim Aq. ad cofdem. B . &. Bq, .
primj fungserit,28.7, A dutumin Aq.idett -
Ac-ad BduétininBq. ideft ad Bc, prumus. .

QE.D.. )
PROPOSITIO XXX..

o [ duonumeri (4B, BC) primi intex fe-
 fuevint ; etiam uterque fimnl (AC) i
ad quélibes eorum primus evie: Et fi uterqs .
fimul (AC) ad unum aliquem ( A B) itlo=-
THM. Pritaus erit  ctiam qui-in. principio :

- mumeri-dabantur (AB, BC) primi inter fe -

.

erunt.  Fig.vide in.Tab. .
1.Hyp. Nam {i AC, ABcompofitos di-
€as; it D communis eornm menfura ¢
0, 12.4x.7. nuiizrus D reliquum BG
’ .5 e



rdo Elem. Puclidis .
metictur ¢ fed metichatur ipfum AB ¢

Etgo. AB; BC non funt inter {& primi 5

contra byp..

2, Hyp. " Pofitis. AC, AB inter fe primis,.

fi velis.numeram ) efde 1pforun AB, BC
commmuneiminenfurim; 1s-propterea, 0.
ax.7. totum. AC metetur : fed meciebatar
ipfum AB; ergo AB, AC. non funt inter.
fopginiy comrabyp.. - .

PROPOSITIO XXXL.

Mnis primusnumerus ( A) ad omnens:
" numerum ( B) quem. non metitur
primus eft ..

As. BS C;.

" "Nam fi communis. aliqua menfura me-
tiatur utrunque A, B, ut puta pumerus C 5
Ergo C non erit idematque A, quippé A
non.poritur metiriipfum B .. Quia igitur:
nuiverum A alius. C metitur ; non.eric A.

prumus; contra bype.

" PROPOSITIO: XXXIL.

M dionumeri ¢ A, B) [emutud multie-
" plicantes frcevint aliguem (AB) , ge~-

" nitwms awtem: (A B) metiatur: aliguis prie-

miss numerus D . is etiam Noums. datorums;,
el . A4; vel B metictur .. '

A 4.. AB 24. B&..
D a.. E..

3 Pone,,

L 2

-
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~KibewWVII, . 13v
Pone, numerum D non effé m enfuram:
numeri A & ¢x divifione numeri AB per-
D refultare numerum E :. Ergo, 9.ex.5..
DE 2qu. ipfi AB : adeoque, 19. 7 erit D-
adA,utBad E: fed, byp. & 31.7. D cft
primus ad A :: Ergo, 23.7..D ;& A mini-
mi funt ip fuaratione : adedque, 21. 7. D-
metitur; numenam B 2que: ac ipfe A meti--
turnumerum E : adeogsnumerus D jam.
nctitarunum B.. Q. E.D

PROPOSITLO: XXXIII..

Mnem. compofitum. numerum (- A ).
i aliquis primus (B) metitur ..

A& 12.. B:a.

Vinus; vel plures aumeri- metiantur na-.
merum A, quorum minimus fic B ;.1s pri-
mus erit ; nam fi digatur compofitus ;. cums,
13.def.7, minor.aliquis metictur : qui pro=
indé,. 11ax.7. ipfum A metictor : Ergo B
non eft. minimus eoru.ni, quiipfum A me--
tianeur, comrea byp.. .

PROPOSITIO: XXXiV:.
Mnis namerus (A) ant primus e]! ’
' aut.certe. aliqnis primus exms meti:

tur., .

Quippé A vel primus eft, vel'compofi~-

tus.: fi primys ; 1d quidem afferimus : fi-

compofitus; Ergo, gg-7--eum aliquis pri~-
mus metietug.. Q. E. D-- ‘

B 6. ) PRO--



133 Elm. Bucidis
" PROPOSITIO XXXV.

Y Vmevis datis quotcung; ( 4, B,C ¥
¥ reperire minimos omnium( E, F,G)
candems mationens cum.cis habentinm .

A6¢'1B4O C 8.
D2 -

E; F2 Gga
Hl. . I’ 3.

o

Si- A, B; C primi funt-inter 8 5 ipfi,23.7. -
in fua ratione minimi erunt ; Si compofiri:
funt ; inveniatur 2.7. eorum maximra men-
fura b, qui ipfos:metiatur per E, F, G ; hi-
minimi erunt in ratione data numerorum .
A,B;C :- Nam, giaax.7. D-du€tosin Ezqu. -

ipfi A,&:D ductus inF 2qu.ipfi B, atque -

D duQusinG 2qu-ipfi C: Ergo, 1.4x.7. -
A ad Bericut ED ad FD,qui funt 18:7.ut E -
ad F, atq;erit Bad C, rvax.7.utFDad GD, .
qui funt. 18.7. ut Fad G-1a i negas;nume--
tros A, B, C effe minimos-in.rattone data 5 -
ponc numeros H, I, K effe minimos in ea- -
demratione ; hipropterea, 21+7.-2qué me--
tientur numeros A, B, C, nimicum.per e2~~
dem menfuram L. Ergo,g.4x.7. HL zqu. -
ipfi A cuizqu-ED : & 1L zqu. ipfi Bycui :

rqu. FD: atq; KL 2qu.ipfi'C, cui zqu.GD.". -

adedqs ED zqu.ipfi HL, & fit deceeteris :

rroindéq; 19.7.eritEad Hjuc Lad D;fed .
.eft maj. qudmH = Ergo,20:def. 5. Left+ -

maj.quim D : -adedq;D non eft maxima-
menfura datoran &; B, C o contrabyp. .

SRR SEL

}

|

po
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" COROLL. Hinc maxima communis”
menfura quotlibet nomerorum metitur ip~
fos per numeros, qui minimi fumt omnium
eandem rationem cum ipfis habentium .

PROPOSITIO XXXVL
Vobus numeris datis ( A, B) reperire
quens illi minimum metinntuy nus
meyum ..
As.  ABi B

) ) E,

» Caf, Si'’X, B primi interfe fuerint;

erit AB numerus quafitus : nam liquec,nu-~
meros A, B, meunt produétum AB : fed fi-
fieri pofict mietiantur numeri A; B aliquem .
D ann.ipfo AB, putaper B; & F : Ergo,.
9.ax+7: AE=qu.ipft Dscui 2qu.BF: adéoqs-
19-7. erit A-ad B ut Fad E.. Quia vero ,
byp. A, B primi funt inter fe 5 adeoq; 23. 7.
minimiin {Ua ratione; metienIUr s 31, 7e -
propterea zqué ipfi A, B ipfosE, F: ergo,
20.def.7- erit Aad F, ut Bad E qui funt 17+
7.ut ABad AEquifunt w#prrus;& 1.0x.7
ot AB ad Drergo erit A'ad Frut ABad D
adeoque,20.4¢/.7. etiam nuinerus ABme--
detur numerum D feipfo-minorent.s -

E-An-
@ A6, B4
- G 3. - D 2. ‘ hic |
. AD 12.. -BC 12..
Gy F. H,

2°Caf. Sin-A;Binterfe compofiti fuce

rint ; reperiantur, 35.7. G, D minimi in
eadem.
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eadem ratione , itdut fic A ad B, gcC‘a_d’

D: Ecgo, 19.7. AD aqu. ipfi BC , adedq; |

AD, vel BT erit numerus quafisus: Nam.

hquet , 7. 4x. 7. mumeros A, Bipfum AD, |

vel BCmetiri .. Jam vero fivelis,quod A,
B metianﬁ.:l ctiam. numeram E- mmnorem.
ipfo D, &

perH; érgoy guwx.7. AG 2qu.ipfiF; cuk

zqu.. BH ; adedque, rg. 7. ¢rit Aad B ut .
Had G.. Atqui G, D, conffr, funt miniomi. :

in.data ratione; ergo,; 24, 7. numerus C.
metietur. pumerum. 1, & ipfe. D iptam.
G : aqui-eft: D.ad G, 17.7. ut AD ad,
'AG,; quifunt, 1, ax. 7,0t ADadF. ergo,.

20.def.7. AD metietur numerum F, feipfo.

minorem.. Q. E. A

“GOROLL.. Hinc,,. fi.duo. numeri, mi~
nimos mutiplicent 5, candem cuim ipfis ra-.

tionem habentcs;, major minorem , & mi-.
nor-majorem , producetur numerus minis.
mus, quem illi metiuntpr. ..

PROPOSITIO, XXXVIL.

I-duonwmeyi (A; B):mumerum quems.
.- ptam. (C D) me tiautur.; ctiam. mi=.
nimus (B) quemilli metiuntur., eundem; -

(G D) metitur-.  Fig, v. in-Tab.. _

Si.negas ;. aufer E- ex, CD-: quotics. po--
tes., & relinquataur, FD : Cyn igitur nu-.
merus. E non metiatur numerum CD, fa-.
&a fubtradione , neceflario relinguetut:
aliquis.numerus FD: minot. ipfo E. : lam.
v, -quoniam A.,. & B, byp. metiuntue

mousram B, & iple. E 5 confir.ipfum CF;.

etiamy;

ctiatur ipfe A per G, & ipfe B.

— —n

L Y
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etiam, "x,x. ax,7. A, & B ipfam CF me-

tientur : 'meticbantur autem , byp. totum
CD : ergo, 12.4x.7. & reliquuin FD mee
tiintur ¢ adeoque E non ¢ft minimus,
quem As & B metiuntur, consra byp,

PROPOSITIO XXXVIII.
W\ Ribus numeris datis ( A, B,C ).res

_ perire. minimuns. . quem illi me=

Guntuy ..
1. Caf..
A 3.
B 4. D
€6.

2. Caf..
RQ.. B.‘ go C4.:
D6. E 2+ F.

Reperi;36. 7. numeria D minimum eo--
rum; quem A, Bimetiuncur : Quemf ter--

tiusC metiatur ;. patet, D’ effe numerum- -

quafitum .- Si verotertiusC. non'metiatue
ipfum D; fit E minimus',. quem D, C me--
tiuntur:;~erit E numerus quafitus :* Quip-~
pé conflat; 11 ax.7. fingulos A, B, C me~
titi numerum E :: Quod veré-nullum aliy
F'minor¢mmetiantur,. ex €o-patet, quia
nempé; fi numeri-A, B, € meurentur qué--
giam F minorem ipf(i E : Ergo, cim nu~-
metus D; confir. fitminimuscorum-, quos

A, Bmetiuntur ; metietur etiam, 27. 7.

numerusDnumerum ¥ : fed E, éonfir. eil.
. mininmusomnium, quos D , & C metiun--
: tur;.

-——— 7T

P
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tur ; ergo etiam, 37.7. numerus E metitur
numerum F major minorem . Q. E. A.
COROLL. Hing fi tres numer1 nume«
rumquempiam metiantur _etiam minimus,
quem il metiuntur , eundem metietur . .

"PROPOSITIO XXXIX..

I viumerum( A)quifpiam numerus (B)

. metiatur; ille ( A) quem ( B) metitnr,. . *
babebit partem (C) 4 mgtiente (B) denoy.
minatam , :

A2;. Bg, C3.
Quoniam enimnumerum A metiturip-.
fe B per C ; etiam,. g.ax+7. numerus C me-.
tietur ipfuir Avper-B , hoceft:ipfe C toties .
fumprus quot funt unitatesin B, facietip~.
fum A : ergo Geft parsipfius A & metiente..
L denomipatam. Q_E.D..

PROPOSITIO LX..
SI numerus (A) partem.babuerit (B)3 .
D metictur ipfum (A) nwmerns (E) di
aquo pars ( By denominatnr
A 24 B6s E4.
Quoniam eninr B eft pars numeri A de-.
nominata ab E 5 ‘ergo B :metitur ipfum A,
et B ¢ adedque viciflim, 9.4x.7. numerus ;
mettur ipfum A-perB. Q. E. D..

PROPOSITIO" XLis.

‘N'Vmerum'rcperiro (GY qni minimus
LN cum fit,babeatdatas partes(£, %1

FE
Glize.
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G 13. '

- ,'_ . -,!J;; i
Inveniatut, 38-7. G minimus, quem des
nominatores 2, &, 4, metiantur » liquet,
‘28,7 numerum G habere partes 3, 3, £,
Tum, fi fieri poteft, quidam H minor ipfo
G habeat eafdem partes : ergo numeri 2,
3-4. metiantur ipfum H, ac proindé G non
‘eft minimas quem numeri 2. 3. 4. Metivne
tur, comtra byp.

LAVS DEO«

LIBER:



LIBER
(A, 3) C. D) dﬂ"m?”*
Sucrint s ipfi (4, B, C, D) minimi erum:
A 8 “B12s C18. D~:7.
H.

F, G, H minor:s inealem data ratione ;
mi ; adedque, 23:7+ mmlml in fua ratione;
PROPQSITIO 11.
in data ratione (M ad Nyut'puta 3. ad 3 )

' NN.
.MMM, MMN, MNN NNN..

. PROPQSITIO L

’&’ I 1 fueving qmtmmm mmer:« !

: fortienales, extremi verd jp-

A '\_ V3 Jorum (A, D) primi inter fe
omnium.eandem cum. cis rationem babm-
tmm . ™

E . FO . G [ .
Nam(f; fieri poteﬁ) fintalii totidem E,.
ergo, 147, eritex 2quo ordin. A ad D,ut E
ad H; atqui, brp. A, & D funt intet {e pri-
ergo, 2t. 5. ipfi 2qué metiuncur numeros, -
E, & Hfeipfisminores = QE, A.
r/mms repeme dcimp: pnpomo-
wales, quoteamque: inffetic quifpid’
Lo
M, N.
MM, MN
Sm; M 2, &N 3 , minimi in data ratioe
o _ ac.
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ne . Jam i vis tres minimos propartiona-
Ies ; multiplicandus eft M quadraticé, tum
ducenduseft Min N, ac demum multipli=
candus eft N-quadraticé;nam eriit MM 4,
MN6, NN 9 tres minimi proportionales
in data ratione M 3,ad N 3. Sﬁuidcm eft,
17:7. MMad MN, ut Mad N, qui funt,
18.7. ut MN ad NN . Quoniam autem,
byp. M, & N fant minimi in data ratione;
erunt, 24.7. primi inter fe ; proindédq;»1.8.
MM, MN, NN, fant mintmi proportic=
nales in daca ratione Mad N. Q.E.F.
Qudd fi vis quatuor minimos proportio=
nales ; multiplica ipfum M cubicé, tum
ducito MM in N, deindé duce MN in N,
ac demum multipliea ipfum N cubicé,atq
prodibunt MMM, MMN; MNN'; NN
iinimi proportionales s nam; 17+ 8 18-2¢

¢ MMM ad MMN (17.7-).
ZEqu. hz‘ Mad N (17-7:)
Rationes i MMN ad MNN [17.7:]
M ad N (18.7.)

Ergo MMM’; MMN) MNN 3 NNN
funt dcinceps propottionales in ratione M
ad N. thdgamcm ins hac ratione fint ri-
nimi ex ¢o liquee, qpianempé M & Na-
quam thinime in fua ratione » funt , 24-7.
primi inter fe ; ergo ctiam,.29- 7. ipforum.
cubi erunt primi Inter fe : quipraterea,
quoniam funt extremi inventotum propor~
tionalium ; erunt,.1.8. proindé inventi
quatuor minimi numerk deinceps propor~-

tionalesin ratione data.. Q.E.F.

-
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COROLL. 1. Hinc fitresnumeri fant:

minimi deinceps. proportionales 5 extremi
eruntquadrati : Si quatuor ; cubl : atque
itd porro deinceps. L

2. Minimorum deinceps ptoportiona-
Hum extremi funt inter fe primi. .

3. Duonumeri minimi in data ratione
metiuntur omnes medios. quotcungque mis
nimorum in eadem ratione .

PROPOSITIO IIL

_ S T fint quotcunque numeri ( 4,B8,C, D)
<A deinceps proportionales minimi om=
nitim eandem cum eis rationem habentiums
ipjorum extremi funt inter f¢ primi .

A; 8. B 12. € 8. D 27.

_ Quoniam enim, 35.7..cujufeunque pro-
portionis datz reperiri poffunt radices, fivé
mininii termiai, g1 proindc¢ 5 24. 7. erunt
primi-iater {2, utt &, 29. Z ipforum Qua-
drati, Cubi, cxteraq;. dlgebraice, ut vocant,
Poteflates , quz nempé gignuntur €x pros
greflione Geometrica, & quoniam nume=
ridati, vel hiduo, vel tres, vel quatuor
fint.s femper, 1. corol, 2,8. quidern habent
excremos vel Radices, vel Quadratos , vel'
Cubos; & fic deczteris; jam patet, exge-"
nefi minimorum proportionalium , eoruny:
extremos off¢ primosinter fe. Q. E.D..

PRO-
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PROPOSITIO TV.

' R Ationibus datis quotcunque in minie

mis-terminis (A ad 8. & C ad D)
reperive numeros-deinceps minimos-in datis
vationibus .

A 6. B {o C4o D?o
(Z) F24. Ew Gi5. X)
I, K, L.

Conflruflio. Reperi, 36.7. minimumE,
quem B, & C metiuntur, &, 3.0/, 7. ficut
ipfe BipfumE metitur,itd numerus A me-
etaturalterum F, ur puta per Z , atque itd
etiam numerus D metiatur alterum G, ac
numerus C ¢undem E,ut puta per X; crunt
F, E, G winimi in datis rationibus « :
-~ Memonfiratto, Siquidem g.ax7. zquan=
[(H o AZ’ & F 3 Utl & BZ’& E H (rgo:ctit’ ) O
ax.7. Fad £, ur AZ ad BZ, qui funt, 18.7.
ut Aad B : Similiter,0.ax.7.2quantut CX,
& E, uti & DX, & G ; ergo, 1.ax. 7. eiit
Ead G, vt CX, ad DX, quifunr, 18.7. ut
CadD. AdesqueE, F, G func deinceps
proportionales in datis rationibus. Quod
wero fine minind 1td oftendesur ; Natn pu-
ta alios 1, K, L .min maseffe ; ergo, 21.7,
A, & Bipfos1, &K , pariterque C» & D
ipfos K, & L metiuntur ; adedque B, & C
cundem K ‘metiuntur, ac-proindé;, 37. 7+
-etiam ipfe E eundcm K metictur, feipfo nit-
norem. Q. E. A,

A6, Bs. C4 D3 Es Fr

H24. G 20. 1150 K2t

- Datis verd tribus rationibus Aad B; C

2d D; & E ad F; reperi,ur prius, tres HG 1
- aninimos
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minitnos deinceps in rationibus A ad B,&

CadD: Tunc,fi numewf Enumerum I -

metiatur 3 fome, 3. pof. 7. alterum K,quem

F 2qué metiatur ; eruntquatvor H,G, LK

deinceps minimi in-datis rationibus: Quod
oftédewr, utin priori patte adum eft ; S
nempé affumpferimus communem menfu-
ram,qua ipfe A meutur ipfom H 2qué ac
ipfe B ipfum G, atque ita 1n reliquis pérre~
xerimus , ficuti jam modo faluineft , no-
tando bené, quot totidem debent effe vatize
menfurz quot funt datz rationes variz. |
A 6. Bs- C4c D;- -Ez. F7¢
H 240 "'G 39. I I‘.
M48 Lo K3z N 105

Sin autem E non metiatar I; fit K mini-
mus, quem E, & I metiuntur, & quoties ]
ipfom K, toties G ipfum L, & H ipfum M
metiatur ;: Qpotiesverd E ipfumK toties
Fipfum N metiater ; eront M, L, K, N
minimi deinceps in datis rationibus . De-
monftrawr , uc privs. o

PROPOSITIO V..

Lani numeri (C.D , EF) rationtm 7%
bent ex lateribus compefitam , (icef?
CDAdEF efty utCadEpl. Dad F.)
E S

C 40 gn

D 6. F 16.
CD 21:- EF 48.
. D 18-

. .Ouip'pé ¢,18.7. CD ad D, utC ad
E,8,177. tDad EF ut Dad F. arque,
.27.(‘(/- 7 C“ CDad bf:, ut CD ad Eh%plo

Lt Y e T e = e e -
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EDadEF. ergoeft CDad EFwtCad E
pl-DadF.- &E:

.- PROROSITIO. VI

N T fine quostcubgue numeri deincens pros
S pniomlg} /{: 8,C, D, mm
antem ( A ) Jecundum (B) non metiatur ,
negne alins quifpiatn wllum meneur,

‘A6 Bag C36. Dsg -ESp
Quomisto A nopmdiat B neqae, 20
1NN ] (4
de,f(ZZf etiam ipfe B proximé fe’qmr;zz(?;

aut iph € ipfom Draut D ipfumn E -metie~
tur, fiquidem dati numeri funt deinceps

l propostionales . Igitur tribus A, B, C in-

veniantur tres proportionales minimi F, -
G, H; Ogémizm‘:utcm- ipfe A non meti-
tur ipfiun By meque, 20.4ef 7. ipfe F ip-
fom G : adedque, S.ax.y. Fnon eft unitas:
feds 247. F& Hinter fepsimifunt; ergoy”
<uim fit 14.7. ex2quoerdinando Aad C ut
FadH, &ipfc F non metiatur ipfumH 5
neque, 20.def. 7. jlgfc Aipfum C; nec pro-
indé¢ iz fe Bipfum D, vel ipfe C ipfum E
nam cft,byp.t5 ordin. A ad C,ut Bad D, at=
queli utC ad E. Eodem modo fifumas
Qualuoes mir imos numeros proportionales
numeris datis A,B,C,D, oﬁcndtmr_qnod
Aipfum D non metiatur, necipfe B ipfum
E : atque fi demum fuimas quinque propor-
tionales minimos , patcbit eodem modo
numecum A né cfle menfuram numen o

" Q.E.D.
: TRO
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PROPOSITIO VIL
1 fint quotcumane numeri deinceps pro=

lutm.(d).extremm (E) metiatar ; ”

etiam [ecundum (B) metiewr ..
"A 3 B6 €12, D 24. E 48.

Sinegas, quéd A metiarurnumerum B:y
ergo, 26:7.ncc ipfum E metiwur, contra byp

PROPOSITIO VI
™ I inger duos numeros (A, B) ceciderint

&) medii continué proportionales (C, D)5
guot inter cos ejufmedi cadint medsi , tot.
etiam inter alios (E, F) eandem cum iilis.

rationem babewtes , cadent medii covtinnd

[Froportionales (L, M)

A24 C 36 Dsg BB
G & H1ia 118 K27
E 32. L 48 1{[ 72 F108.

. 4.

_SumeG, H, 1, Kminimcs.35.7. propor=
eionales ipfis A, C, D, B; erit, 14. 7. ex’
zquo ordinando G ad K, ur A ad B, atque hi
uweEadF. aquiG, &K, 88. primi func’
inter f&. Ergo, 22.7. ipfe G xqué metic-~
tar ipfum E, acipfe K ipfum F, nimirum
peraliquemnuimerum Z ¢ per bunc ergo
Z muhiplicenturH, & ] 5 atque gignentur:

L, &M: ques prcho effe medios propors

tionalesinter E, & F.. Nam zquantut §Z,

&E; HZ, & L 12, & M3KZ, & F:a&qui :
*5 4 :




Zibin - % 1 1 fa.

eﬁ G adHa38n a6 G2 qu ruu,

lax7utEa sergoe Hq:

L : & cadem ratione patehu fe habere

Tutl ad M; necnonl ad K ,ut Mad'F ¢ ac-

qui, confir. (3, H, I, K funtdeinceps pro-
: pomonalespumens A,‘C, D,B: ergobs

etiam erunt deinceps proportionales nu~

- meti: B, L, M, F: in'quibus quoniam thul-

"

ixt'.
o

s

¢

I

|

titudomgdiotum zquaturmulricnds

Ce
. diorum datorum é oftentum jam fnpmh

wquodﬁ&c
PROPOSITIO IX.

Z.dug vamerd (4,8 fint znzerJ{cmm-

- . ipter tgs‘y]{cdu Lonting proportios

e cma‘cr;ut numeri (G, ) quot,inkr.zeg

medii ¢ ecidérine, votidem (B, G & F }

inter qtramque. coram y 46 | um{atm med:
eontinya propqmgme sadent, . .

G % H 6. ! I 90
A 8. 12, D8  Bay
" Siquidem; ¢x.2, 8. conﬂa: Te B;G WA
fle totidem continug proportionales guog
1.5E,B; St.quetiA, ¢, DJ,B‘

PROPOSITIO X,
T inter duios numeros (A, B) & unitas
tem.continud proporticnales cecidering
wumeri (£,D,& F, G) 5 quotinter utrié=

' Gue tp]orun » O nntatem. deinceps medis

continua ptopmzau caduns ; lotidem . &
L G inier
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interipfos ( 4,8; ) cadent medsi continné:
proportionales (L, K) '
A8 L 12. X 18 B2y
SR E4‘DF6‘G90

o ..‘ 'j i . "‘D 2’,15“3‘ .

- Siglﬁdcm, 2-8\ E" DF,G : DDD (A),
DDEF{L]; DG [k), FFF(B) funt continué
proportionales. Q. E.D. :

PROPOSITIO XI

D” orsms quadratorsm uamerorié (A4,
R.J Bq.) unusmedius proportionalis eft
pumerns (AB) : & quadratus ad quadrae
eums duplicatam babet lateris (A) ad latus
(8)""”’”"". N . ‘ ¢ ' . ‘
- AAA; "AAB; ABB, BBB -
27, - 36, _ 48, 64
AA, AB, BB
Q - _lz,o 16>
- ’ B,
- D 4o - .
Liquetenim, 17.& 18.7. AA, AB, BB
effe¢ontinué proportionales ; proindéque
erit, 27.d¢f- 7 AAad BB, ut AadBbis.,
Q.E.D.

PROPOSITIO XIL
Vorum Cuborum numevorsm Ac, Be
duo medii proportionales funt nu«
meri(4AB, ABB ) : Et Cubus ad Cu=
bum triplicatam babet latevis ( A) ad( latus.
. . B J
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(B) rationem . - Vide fig. pracedentem.

Siguidcm, exconfir.2.8. AAA , AAB,
ABB, BBB funt in continua proportione
numeri A ad B : .ergo, 27.4¢/+ 7. Acad Be
eft,ut AadBter. QE.D. - '

-.. PROPOSITIO XIIL: -
S 1 [int quotlibet nameri proportionales
(.4, B; C) & multiplicans quifque
Jeipfum faciat aliquos s qui ab iblis prodn=
& fuerint ( A9 Bq. Cq) proportionales
erynt 5 imo & datorum A, B, C, Cubi,
guadratoquadrati, & [ic deinceps continné
proportionales.evme, ..
< A¢ . B.: C,
3. 4. 8' N R '
AA, AB, BB, BC, CC.
40": "' S (- gl-' 64
AAA,AAB,ABB,BBB,BEC,BCC,CCC,
-84 16, 32, 64. 128, 2¢6. glz.
. S‘quideln, ex Cﬂﬂ”'t 2. 8- :AA’ A.B) B’
BC, CC funt continug proportionales: er=
ﬁo, 14.7. erit_ex zquo ordinando AA ad
B,utBB ad CC. Eademgque ratione Ac,

Bc, Cc . funt continué rroportionales , &
fic porro de czteris . Q. E. Ds

PROPOSITIO XIV.
S I quadratus numerns (RR) quadratum
numerii (SS) metiatur ; metictur el

-anins latus { R ) altevius latus (S) : € fi

uiks quadrati latns metiatur latus alteriuss
G a3 etiam
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mm: (RR ) mumqndm-
tum ($5), .

R 2‘ S. 60

‘RS m. 3§ o
1. Hyp (Ludmam eft RR.ad: S..e. &
11. & ut RSad S , & ,47p. quadratus nu-
merusRﬁitetthmu;dnumss ‘|etic-
tur, 7-8. etiam primus RR fecundum R'S:
aqui et R ad RS, 170 aeR 9 S lrgg,

aoqxd:ﬁ‘y, eum\xm ueucmr ipfemS o

2. Firp. Qugniam R metitur lpfum S, &

éﬁdc zteroRR ad RS, 2- 8. ut RS adbS '

a’ i fant;18.7. ut'R ad S 3 eciam ipfe RRi 1p-
MRSy 20: def‘ﬂ»menctur » 2qué aciple
RS ipfum $8:ac lgtomdé » 14 numet
us quadratm R uadratum bS metictur.

I"ROPOSITIO XV-
SI Cﬁh nmrus(ﬂMM)Cnbmm-

merum (NNN) metiatnr ; etiam la=
35S umjns metictur latus alserins , & é cone’

u’ﬁl .
. M: N

MMM, "MMN, MNN, NNN.
8. 24 72. 216,

Quoniam 2. & 12.8. MMM

MMN, MNN, NNN funt continué pro:

portionales ; ergo MMM , metiens Cuba,

exrremum NNN » merietur etiam, 7.8.fe=

cundum MMN atqui MMM ad Mh;lN .
3

(

———
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. Diber PHIT. gy
efl, 17.228 M ad N sergo mdm,mdq" 7.
ipfc M metieturipfomN. Q.E.D.

2. Hyp. Qooniam numerus M metituy
numerum N; & funt, at prius, MMM,
MMN, MNN , NNN:itt continaa pro-
portione ipfius M ad ipfum N ; etiam in
his primus ferundum, iseetivm, & tettius
quartesh, g0 .7, wietictut 5 orgo,ctiam,
T 7 Enmns,MMM quactom NNN .

PR OPOSITIO XVT
7 quadmm sumerns { A A) quadraim
" numerum (B B) non metiatur ; neque
latus unins metietur latus alterius ; O é

oonverfo
A g. - B g
AA 1 BB 8.

1 Hyp Nam, fi A metiretucipfomB 5
etiam, 14.8. ipfe AA ipfum BE nretictar y
contra byp.

2. Hyp. Si AA metiretur ipfum BB 3
ttiam, 14.8, rpﬁ A Ipfﬂm.B metictar ]
uuulap..

PROP(}SITIO* XVII.
™I Cnbus numerus. [ Ac) cxbum numes

m&mmwmmm

mmmr latus alteriug 5 & évowonfo.
A, 3. B 3.
H Aﬁ’&‘ P LA

I fp. am e A metietur jpfum
B ;:emm 18 %c » mcthetur ngfmi

\;-cm

: 3- 2-“)'?-

.
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2. Hyp. Siipfe Ac metircturipfum Be;
etiam, 15. 8. ipfe A ipfum B metiretur ;
contrabyp. . .

PROPOSITIO XVIII

Vorum fimilinm planorums numeros
runs (CD, EF) unus medius pro~ i
portionalis eft numerus (DE) : & planus
CD ad planum (EF) fimilem ; duplicati
babet latevis (C) ad homologum latus (E) !
rationem . :

-

Cé6 D2 -
CD n-E DE 18. EF 27.

: 9. F .
Quoniam, byp. & 2 r.def:7.3cﬂ CadD ut
_Ead F; erit, 13.7, altern. Cad E,ut D ad

F. Igiur
, CD ad ED (DE) (28.7:) -
ZEqu-h= (CadE (us prius)
Rationes.$ Dad F (18:7.)
UDEadFE(EF) = .
Ergo CD, DE, EF funt continué propor-
tionales : ergo, 27.def. 7. ratio ipfius -CD
ad EF duplicata eft rationis CD ad DE,
hoceft CadE. Q.E.D.
COROLL. Hinc patet,medium nume-
rum proportionalem duorum numeroram |
slanorum fimilivm &R in ratione laterant
omelogomm . - ¢ o vt

PROPOSITID XIX.
Drm finiliuns folidorum ( ABC »
DEF ) duo medii ,propertionales

. fum ]

] !



Liber V111, 473
Junt vsweri (BCD , C DE) & numerss
Jolidns ad folidum [imilem ef} intriplicets
vatione laterum bomologorum ,

ABC, BCD, CDE, DEE
3% 60. X230 - 240
A 2' B 20 c s'
D c E 6- F IOO
Quoniam, byp. & 22.def.7. et Aad B,
utDad E, & Bad Cut Ead F; crit alrern,
AadDyutBadE,utCadF. l%uur
rABC ad BCD [17 7
Aad D ( ut pruu
Equ. bz B adE
Rationes.§ BCD. CDB [ut pmu]‘
! ga::l%(mpnm)
ad.F (17
Ead DE?F
Ergo AB(.., BCD, CDE, DEF funt cont.
roportionales : & proindé ratio ABC ad
5 triplicata eff rationis ABC ad BCD
(AadD f .D. .

COROLL. Hmc mcdu propomonalcs
fimilivm folidotrum funt,in ratione-
logorum laerum. - - ,

PROPOSITIO XX,

1 inter duos numeros (A, B) smnus mes
diss pmpomomlu cadat numcrm(C)s

»

[wulcs ﬂam eruntilli'mumeri. . .
A of 18 -B 27' o
D 2 B 3; )
F 6. / G o L ‘,‘,. N

Snmc zq.. . D & E minimos in mnonz
Aad C:ﬁvé’]C aé!; B : ¢rgo, 21.7¢ xpfeD

zqué



t§8  Elem, Bechilis
wqué meditur iplarh A »: ac&pf‘eﬁqﬁm'c,
posapat cundé £: itemn ipfe. D 2quémesitar
1pfum C,acipfe Eipfurh Y) per eundé
: IO, 9.4x.7 tquantur F, & A, ut
& EG, & B ,adedque; 16.4ef; A, &B
plani fimt numeri : quonisth vers, Yax. 7.
zquantutEF, G, DG;erir,19.7. Dad E,
utkad G,& altern-D 2d FEutEadG:er-
go,n.def'; planindmeri A, & B, hoc

eft:DF > & EG fimiles fnnt .

Q,E D. ‘l. . .
PROPOSITIO XL

F intér duosnumerds (A s B) duo mev
dii proportionales cadant nymeri (C,
D); fimiles folidi erunt ipf§ (A, B)
A Cxnu D 3‘ B 74.

m"h "o Ok 1.
H9, ™ ) g, g'.
. Mg N@

S“n'ﬁe) 2 8. E F,G mmimus-p
nales in ratione A ad-C : ergdy EL&
G funtnuimeri plani fimiles : numeri pro-
indé E latota fimtH', 8¢ P, wuserivero G
lacera fi &, &L : e1go a2.de V7> ecittlad

"K,utPa ‘E g’ untcor. 18.8. utEad F:

atqui, 21.7. G5 iplos A,C,D tque, nie-
tiuntar, puta.ﬁeﬂeuh!t‘m M: iilleingue ips
fos C, DB, #qué metiudeur, puta-per eon-
demN.. Er glax. 7l—cé1§antur A, EM,
& HPM’,uu-&tB, GN3 & KLN : quare
A, & B olidi fasitnutrieri . Qudnia verd,
b«ernqu-mﬁﬁM:&chu ipfi PN

Idcirco.
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Idcircd : :

T eMaaN(rg)

© EFMadFN (pax7y -
Zqu.hz J CadD (ecnflry -
Rationes $ E ad F ( ut priar)

| HadK [us prius]),
ergo0, 23.de/.7. A, nt numeri folidi:
AICS ." Q‘El _A- . .

PROPOSITIO XXIl..

" 1 tres numeri (A4; B, C), fint deinceps:

i proportionales ; primus antem (A) fit:

quadratus; etiam tertius(C) gnadratus erit, .
- A'\ 4.. B;ﬁc. C LX) ) B
Quoniam nter; Ay & C cadit unus iner

dius proportionalis;_ergo , 20.8. A , & C:
funt fimiles plani : quoniam verd , byp. A

eft quadratas;ctia Cyuadratusert/Q.E.Ds.

PROPOSITIO; XXIX. |

1 quatner sumeri ( 4. B, €; D) fme:
.detwceps proportionales,primus axtens:
{ A)fit cubus; etians quartus( D Yeubus erits .
A 8. B 1., Ci18. D 27
‘Quoniam inter:A, & D caduntduo me-
dii proportienalcs; crgo,ar.§. ipli funt
folidi fimiles , & quoniam, byp. A eft cu--
bus ; etiam D cubuserit .. Q E:Dv |

PROPOSITIO XXIV..

Cldwo m)mm"( 4, B) rationem babeant
\J. inter [, qudm quadratus numerss (f) ;
- 3 LN

2




154 Elem. Euclidis N
#d quadratums numersm (D) ; primus ans
tem (A) fit quadratus; etiam [egundus(B)
’Mdrm-‘ erit . o _

Ais. 9o4.. B 36
4. 6. Do _

Quoniam , 11. 8. inter C, & D nume-
ros quadracos,adedque,8.8. etiam inter A,
& B, eandem cum illis rationem habentes:
cadit B unus medius proportionalis:& quo=
niam, byp. Aquadratuseft; etam , 22.8-
Bquadratuserit e Q:E.D. - 5

. COROLL. 1. Hinc fi fuerint duo nu=,
meri fimiles, primas autem fit quadrarus,’

ctiam {écundus quadratus erir .

2, Liquet etiam ex his proportioné nu~
theri quadrati ad non quadratum exhiberi
non poffe in numeris quadratis « *

PRODPOSITIO- XXV.

I dwo numeri ¢ 4,8 ) rationem intey fe

babeant qudm Cubus numerus (C) ad

onbum numevum ( D) o primeus. antems ( A)

fit cabus; esiam fecundus (B) enbuserit,
Cé6s 6. - 14-3; D 216..

A 8- I‘Za ) ‘18. B ' 27.» Sy

Quoniam , 12.8. imer C,8 D cubog,

adeoque, 8.8. inter A ,. & B eandemrati

nem habentes' cadunt due medii propo

tionales + & gquoniam, Hyp, A cubuseft s

etiam, 22.2. Bicubuseric. Q:E.D.
CQROLL- 1.. Hinc fi fuerint dyo nus

meri fimiles, & primus fit cubus, etiam.fés

gunduseris qubus ¢ -

- .= o Pas

- ..



LZiber 1X. 18
2. Patet Proportioné cubi ad non cubu
exhiberi pofle pecnumeros cubos o

PROPDSITIO: XVL

Slm:ks plani numeri ( A, B ). rationens
) inter f¢ babent quim quadratus nume=
dmum numersm . = T

A2 € 0. B4q. A

D 4 E 6 " F. _
Quoniam, 18:8.inter A & B.adlt unus:
medius pwportmnal:s C s fame, 2. 8. tres.
minimos. D, E, F deinceps. propomonalcs
in ratione A ad C; €230, 1.00re/e 2.8, ex=
eremi D,F quadrati eriic: atqui byp AT ordim

" AadBeft,urDadF: ergo A cft adB ut

quadzar.us, nymezus ad qﬂadmu- Q.,E.D.
Pnomsmo XXVII. ’

Imxles j’ohdi numeri (A, B) [m mtcr

Je, ut Culbius ad cnbum .
A 6. €24 D.36.°B 94.
E 8 F12. G 18 H 27
Quoniam;19.8. intes A, & B cadunt duo:
mediiproportionales C, & D; fame, 2. 8.
quatuorE,F,G,H minimos, proporaonales.
in ratione A ad C.: ergo,.t.Cor. 2.8. extre~
mi E, H cubi funt : awqui, Hyp. " ordin
et Aad ButBadH, hocdi: L cubus,adl
cubum - QE; D

LA\Z& DEO)m

Tt
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. I duo f mvles glam-\( vi. B ) re
>, mntuo muluglicantes . facmt
[ ghendam 3 produtus guadm-
S tus evit o -, .
A-:‘.- Tt (B "4i:£ui( .."}

108, AB, 334 (0

emm; 177. A adB uAA ﬂﬂa 2

atqu: ineer primum, & fecubdumtanquam

fimiles.planos cadit »- 18..8: unds medius.
propomonalés 180, 8. 8. unus etiam 'me-
dius proportionalis inter. tertipm , & quar-
tum cadet': quoniam autem tertiuselt qua-

dratus;; nam. producisur.e A du@ain A,

quarms, 22. 8. euam quadratus ent-'
)‘~ T

R
DI

PRQPOSINO; L.

Sl duo nameri (A B) ft mutud multi s
" plicantes facjant quendam quadmum.,
ﬁmks plani ewent .. . :
Asd. B s4- :
. Aq. 36.. -AB; 324
i NlmeﬁAadB, 17: 7- ut:AA ad AB,.
atqui, r1.8.. incer tertivm , & quarttms.
' zunppé inter duos nuireros quadratos ca~-
it unus medius Jaropomomhs : ergo,8.8..
etiam unus medius proportionails . inter:
prirum , & fecundum cadet ; qui propic=-
1£4, 20.8. funt fimiles plani. &P .D..
.R0,~ i
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PROPOSITIO ‘111.-

Q! Cubias wumerias{.AC) Jeipfum muls

tiplicans feceris aliquem ; prodnt?us
(Acc) cubus erit’.. R ‘

A 2. ey 'AOj'S-" ‘Ate’ 6‘40 ..

* Quoniam eft 1.2 A, rydef.7.08 A ad
AA guifoe; 17, 7. utAq. ad Ac's Ergo
intex:1. & Ae caduricduo medii propors
tiottales: fed, 15.def.peft 1-2d Ao ut Ac
ad Acc ; Ergo, cum dsomeds proportio~
nales cadane 1nter prilum , & fecundum g
totidem,8.8. inter terrium, & quartuim ca-
dent : Cum autem tertius fit cubus; etiam
quartus, 23-8. cubuserit . . Q.E.D.

v L PROPOSITIONTV. ¢

SI hu‘t»teﬂo:-(.lé-)..tubac numserm (Bc)v
<ubum multiplicaverit 3 produius.
CAc Bc) cubusent . '

Ac, 8. Be, 27. :
. . Acc,64 - AcBc,2m.
Nameft Ac ad Bc, ut Acc ad AcBe:
fed, 18. 8. inter: primum & kcundumca-
dunt duo medii propottionales : ergototi=
dem medii, 8.8. inter tertiu m, & quarcumy.
cadent . quoniam auterns 3. 9- terrius eit:
cubus; qgmus etiam, 3.8« cubus.erit »-
%l T O

"P,RQ;: '
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PROROSITIO Vi |

SI C"bl‘%mmm‘usfdc) mcmcrmz

plam(B) multiplicans, fecerit c bnm.

ipfe-etiam shultiplicitus B) cubi enie 3
Ac, 8. B, 274
Accy 64.  AcRej 216, .- 7

Siquidem, 17:7. eft Acc,.ad .Ac B.ut Ac:

ad B': atquis 22.8.inter primum, & fecuns
dum cadunt duomedii propartianalas s er=
£0, 8.8, toudemmzer tertium) & quartum
cadent; cim autemshyp. tercius. fit Cubuss;
€iam, 22.8. quartus. Cnbus erit o
Q:E.D. v .
: PROPOSITIO VI.

I numerns (ZY: feipfum: m]dupltm.t
faaar cubum, & zpj'e cubuserit.
qQy 64 - Zc, §12.

u b #. Z dufus in Z producis
cu&rﬁ, c'éml’ 4 i

s.o.ipfeZ numerus. cubus.. Q. E.D.

PROPOSITIO V1.

14 C‘ompa]im numgrus. ( 2Z) numeruns
squempiany (X) mlupl:mmm H m-
im‘im (Z‘X)jolidmmt.. D
X l!k XZ) M E
A % - B2 R
Quomam enimZ compoﬁtuscﬂ’ 5 roetie
turidgired, x3.def.7, eumaliquis A 2 pusa
per B; ergn,0.a%.7:Z 2qu. ipfi;, AB:ades &.
17»dff..1 ABX.LZX) folidus.erit.. (%.

9.defe7. ZLZ eft cybus s erity,

PRy B X

e e e e e A2 i B et e
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PROPOSITIO VIIL

SI ab anitate quotcsng; vameri deinceps
P fonales erunt 3 Primus nwmee
. rusab wmtate RADIX vocetur Progref=
i fionis Geomestica ; Cateri verd OV A=
5 DRATI, CVBI , 9V ADRLTO~
£ OVADRATI, SVRDESOLIDI ;
| CVBI 9VADRATI, SVRDESVR=
DESOLIDI,.QVADRAT O 2V A4
DRATO-QVADRATLE, CVBICVa
B, & ficde relignis Potefiatibus Alge=
braicts) . Poteflates antems, que nwmeris
paribus exponuntur , funt numeri QV A=
DRATI: Poteflates » quarum exponens
eft vel ternarius, vel namerns , quems ter~
navius metitur, funt numeri CV BI : Pos
teflates verd, quarum Exponentes men[u«
. vantur d binavio fimul’, actermirio, funt
numeri C¥ B QV ADRATI
Fig. Vi& in Tab.
Xota . Solent Mathematici Progreffio
nes Geometricas computare numeris vul-
p Earibus » ab unitate Arithmeticé crefcenti=
bus, NMMITym per NUMEros: rh. 2= - 40 $»
6. 7. 8. 9. 10+ , QuOs propterca vocant
exponentes, quippé quibus exponitur,qunt-
nam: Progre{fionibus: ab ynitate unaquz~
gue Poteftas genexctur . Confule appofi=
mm Tabellame»

wT e

Exge

‘
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) l‘h’ Jx . ! l‘i

- "DEMONST. Quoniam , éyp. eft 1. ad
A, utAad AAj erit, 20.7. AA zqualis
ipfi A duftoin A, cui zqu. 18. def. 7-. Aq.
Deindé quoniain, byp. Aq. Acv Aqq. funt
continué proportiohakes , & primos Aq.
quadratus eft ; Certius, 22. 5. etiam Aqq.
juadratus erit = atque cadem ratione qua=

rati eraut numeri A+, AL, AL 2, quorii
cxponentes: funcnumeri pares~ -

Turm quoniam, éypieff 1.2ad A ,ut AL,

ad A"'o C_tit, 20‘70 AC" ﬂu- ipﬁ AA dnal
in A, cui 2qu; 20.4¢/.7. Ac.. Dgindé,quo=
niam A<.-A%, AL. A%, funt proportio=
nales, primus autem eft cubus; etiam,23.8.-
quartus A<, cubpscm:"amfe cadem ra-
fione cubietuntipfiA2. AL 2, AL Z, ud
& reliquz Poteftates, quaru:n Exponentes:
metitur ternarius . ) N _

. Adedq; jam patet ex prima',- & fecunda

arte hujus demonftrationis;numeros A%

12, AL, A22, effe cubos: fimul &

quadratos ; fiquidem corum Exponentes-
menfurancur 3 binario fimul & ternario
Igitur § ab unitace, &cr Q. E. Dv

PROPOSITIO IX.

1 in ferie continue ‘prapirtionaliave ab

uitase numerorum pringus fis quadia =
tus s veliqui onwies quadrati erunt 3 fiverd:
priviny }:Cuhm veliqni étiams crant cowbiy
. Pig.videmTab..
- 1..Hyp, Quoniam, .9, A2, A% AL,
A2 Aquadiati foint , & quoniarn A ponitue
quadratys ; erit; 23.8. AL, 'qiudr:?d’e:n&-
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363 Bleme Exclidis
cadem ratione A<. AZ, A2, quadrati
£5Unt . . o ’~

2. Hyp. Quoniam A panitur cubus; erit
232.8. A+. cubus, &:eadem ratione A-Z,
AZ2. AL, cubierunt: atque 1.8.9. AL,
A-2. A2, funt etiam cubi : tandem verod,
quoniam eil 1.ad A, ut A ad AAjserit,20.7.
AA zqual-jpli Adu&oin A : atqui, byp. A
eft cubus; ergo,3.9- AA cubus erit; adedq;
23.8.etiam cubt eruncipfi AL AL, ALZ;
adedqug fiab unittate &ev . Q. E. D-
" pPROPOSITIO X. .
_S 1 ab unitate quotcunque numeri deine
aJd ceps proportionales fuerint , qui verd
poR wnitazerm non fit quadratys, neq; ullus
alius quadratus evit pra:er eos, quoram ex=
ponentes funt numeri pares . Et fi qui poft
snitatem 1o [it cabus:; neque ullus alius
eubus erit , prateveos quoruns exponentes.
teynarinsmetitur  Fig. vid. in Tab.

1. Hyp. Nam, fifieri poteft . Sit D-£.

uadratus : quoniam ergo eft y byp. D ad

2,ut D2, ad DL, & invertendo D+ ad
D2.ut D2.ad D ; funtque, /- bz & 8. 9.
ipfi D=, D=. D2, numeri quadrati ; erit,
24+8: ‘etiant D numerus quadratus 5 coms

wa byp, - o

" 2 Hyp, Sics i Geri'poteft, D2 cubus.

Quoniam igitur, byp. t7° ex equo ordin. eft
%+, ad D2, wt Dad D+.nec non fubyp.8e

D D a
8.0.D¢.D2. DL, funtcubi; erit , 25.8.

ctiam cubus ipfe D 5 contra byp.
L - PRO-

e e

s e
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PROPOSITIO XI.

I ab unitate quotcunque nwmeri pro=
\D portionales fueriut 3 minor majorems
meticsur per aliguem corum o qui in ferie
proportionalism ef nwmerns,
- Fig. vid.in Tab.
uoniam enim, byp.eft 1.ad D, ut D
ad DD;erit,s5.4x.7. DD divif. per D zqua=
lis ipﬁ Q’ cul 2qua. Dio diVifo Pcr D'to Itﬁ
ctiam quia eft, byp, ¢ ordin. 2. ad D2, ut
D ad D2 erit, 5.ax.7. D2, divif. per D
2qu. D2. cui 2qu. D2. divif. per D2.cut
=qu. D, divif. per D-*. &c. Denique,
Quia eft, byp.e ordin, 1, ad D2. ut D ad
D=2, erit, g.ax.7. D2, divif. per D 2qu.
DL, cui zqu- D2, divif. per D. &¢. Er-
go fi ab unitate &c. Q.E.D. =~
COROLL. Hinc fi numerus qui mieti-
tur-aliquem ex- proportionalibus non fic
unus proportionaliom ; neque numerus per
%%cm metitar, erit aliquis €x propostionas
TS o

'PROPOSITIO XII °

S b unitate quotcungue numeyi dein~,
ceps proportionales fuevint ( 3. Dj
D2, DL D) quicsmque primorsm nu<
mevorums { B) wltimum propovsionalings
(D= ) metiuntur, idem ¢r exm (D) 46
witALi proximus eft metiumtng o

‘ Fig. vide m'l‘ab )
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Nam fi B non metiretur ipfum Dj ergo,.

31.7. Bad D prinmserig; adedyee, 27. 7.

erit etiam prirus ad DX, & proindé,26.7.

priinus etiam ad D= quem metichasuc .

. Ec e. . = K
. COR(QL‘L.':. Ttaque otmnis numerus
primus ultimum tretieds , nietitut quoy;
“omnesalios nltimum praededentes .
2.. Si aliquis pemerus wen metiens pro-

“Rinmuayanicati, metiatyr ulebmum, erit nu- -

-merus compolitds.: . -

© 2 Si proximus uhitad it peimus nume-
rusnullus alias \pritmus mumetus altimam.
nietictur .. SRS :

PROPOSITIO XIIL.

SI abanitate quotcang; nameri deinceps:
3 proportionale s fuerinty qui verd poft
unttatem. primus.evit.'s. maximum nullas.
~ aliusmetictur prater eos qui [unt .in data:
Jerie numerorsm proportionalium.s
_Fig, vide in.Tab.. 4

Sifieri poteft, aliusquifpiam E metiatus-
A<, nempeé perE ; erit , Cor- 11.9. F alius:
extrd feriem proportionalenn. : quia verd E
metiens numeram A-*.non.meticur ipfam
A ,;hicenim poniwr primus 5 idcires , 2.
Cor. 12. g.. erit E. numerus compofitus,
Ergo, 33.7. cumn aliquis primug mekitur ;
qui fromde, ¥ r.aw.. ipfum A=.metietur:’
eqsi3 Do, 1245, Sutios effe polerit quim
A IghurmanrerusA metikuroamerum £.
Quoniam ausemn vicevtrfa ipfe: £ mevicar
ipfum A=, per E 3 cadem propterea ratio~

; ne,

~—_
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ne, acprius, oftendetur, numernm F_effe
-compolitum , ipfumque proindé menfurart
ab &liquo prixo, athgc hune aailium cffe né

eprter A . U qloNiam; 9. ax« Jo
Ei? &que ipfl A. cai zqu: A -doét. in»@-z;
erit, 19:7: A ad E,us Fad A2, Quoniam
auterh (ut oftenfumeft) ipfe A metiturip-
fum E ; zqué etiam, 20. def. 9. ipfe F me=
tictur ipfum A-. phta per eundem G
Necscorsl. 11.9 thmen ipfe G erit ex data
feric proportionaljum ; " Quo circa { iuxed
rationes jam mods addutas Y numerus G
eft compofitus , quem proindé, 37.7. ali-
«quis primus metitur, neque, 3. cerol, 12. oo

" is.alius ¢ffe poterit , quim ipfe A + Cuim

igite FG 2qu., 9.4x.7. ipfi A2, cui 2qua-
tur A du&®.iu A=2; erit, 19.7. Aad !?? ut
‘G ad &S, Et quoniam, ur pn’au,/ipk Ame-
titcurmamerum Fj zqué 20. def. 7. etiam
ipfe G metictoraumerom A2, feilicée per
eundem H: Neque , corel. 11+ 9. istamen
eric ex data ferie proportionalium : adeog;
(ut jam modd oftenfumeftde E, de F, &
deG) ipfé H erit numerus comrofitus ,
eumque,37-7- proindé meticar aliquis pri-
™mus, neque, 3.corol.12.9. 15 aliys effe potew
ritquim A . Itaque , quoniam'GH aqu.,
9.ax.7.ipfi A2, (Eui zqu. A dult.in A;
trit, 20.7. Add GG , utHad A+ atqui, ¢
prius 5 ipfe Ametitar ipfum G 3 ergo, ace
def.7. numerus H metictut numerum A
primum-. ’
Q.E. 4

PRO-



166 Elems. Euclidis
" PROPOSITIO XIV.

Inimsum numerum (A) quems primi
numeri( 8,C, D) metiuntur o nul=
Uns alins primus praser datos neetitur o
B2 ¥ b,
2. 3 .
. E. F. s . H
_ Metiatur (fificri poteft ) minimum. A
alius quifpiam primus E per B ; ergo E
du&.inF 2qu.ipfi A. Quoniamergo B ,
G, D metiuntur ipfum A ( EF) 3 metiene
fur, 32. 7. quoque alcerucrum E, vel F :
NonipfumE, quippé qui ( ex fuppofit.)
primus efl ; ergo rcliquum F ; fed F minor
eft,quim A, fiquidem FE, us priys , 2zque
ipli A; ergo A non eft minimus ,quem B,
C;Dsmetiuntur 5 contra bype o

PROPOSITIO XV.

SI Suering tyes proportionales in fua va~
«J tione minimi (AA, AB, BB) ; duo
guilibet compofiti ad veliquum primi
&runt o

A2 Bg.

AAqg9. © AB 12. BB 6.
Sume, 37.7. minimos A , B in ratione
data . Quoniam, 24.7- Aad B primuseft;
erit, 30.7. A pl. B primus ad fingulos A,8&
B: ergo, 26.7. numerus fattus ex A duco
in A pl.B, nimiram AA pl. AB primus eft
ad B, adeoque, 27+7. ctiam ad BB :d& ca-

em

T

——— g W—— .
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dem ratione BB pl. AB/primus eft ad AA .
Deind¢,quoniam,24.7. A, & B primi funt,
ac proindé, 20.Y.A, & Bad A pl. B primi
funt 5 adedque, 26.7. ABptimuseft ad A
pl.B; erit,;27.7. etiam AB primus ad eum,
qui fic ex A pl.B du&lo in femetipfum , ni-
mirum ad AA, pl. BB, pl- 2.AB : ac pro-
inde (ex 2.paree l',‘0.7.) primus erit ad dif-
ferentiam AA , pl. BB, pl. AB , atque de~
mum (ex eadems 2. parze 30.7.) erit ipfe AB
primus ad differentiam AA pl. BB.
Q.E.D

td
' PROPOSITIO XVIL

Q 7 duomumeri ( A, B) primi inter fe
Juerint , non erit ut primus (A) ad

" fecundum (B) itd fecundus (B) adalium

guempiam (C) « .
B s C

A 3- 4. !

Sit énum ( fi fieri poffit) A ad B utB ad
C; ergo, cum,byp. & 23.7. A, & Bin foa
ratione minimi fint , idcircd, 21 7. ipfe A
metietur ipfom B 2qué ac ipfe B 1pfum Cs
atqui, 6.4x.7, A feipfum metitur; ergo A,
& B non funt inter fe primi, contra byp.

PROPOSITIO XVIL

! fuerint quotcunque numeri deinceps
propovtionales (4,B,C, D) extremi
autem ipforam ( Ay D) primi inter. fe fint;
nicn cvit ut primus (A) ad fecundum (B)
itd uleimus D adalismquempiam AE) .
oo A 8.



168 Elem. Buclidis

. A& B 12« C180 Da7'\ E;s .

Sit[fi fieripoffit] A ad But D ad E ;. ef=(
goecric ,altersando , Aad D, ut B.aiE 3-

uoniam autem 5 byp-& 23.7. A& D in
ua ratione minimi funt ; idcirco,2 2.7- ipfe
A medetur ipfum B, adedque, 20v.44f. 7.
ipfe BipfumC, & hicfequentem [) metien
tur, a¢ proindé, 1 x.a’x.B idem A metictyr
ipfuni D : ergo A, & D naon funt inter fe,
primi, contrabype . . - A

"PROPOSITIO XVII.

Vobus oumeris datis (A, B) confide=
Lo rare, po(fis ne ipfis tertins proportigs
nelisiwvenivi, © 7 o ’{:
K4 'B6 Cg - CN
Si A metiatur Bq. peraliquem C ;, edity
9.#x.7. AC zqualeipfi Bq. (BB)3 adedqs
20.7.crit.A adB utB ad C ; ergo C erit
tertius propartionalis. 4Q_E.F. '
Sinvero A non metiatur ipfum Bq; non
erit aliquistertius proportionalis ; Sic-enim:
fifigri poteft) A ad B utB ad C 5 crgas.
20.7. AC zqu. ipfi BB ;ac proindé, 7.4%¢
7. BB divifus per A dabit ipfum C3 adeo~
que A eciretur ipfuny BB contrs byp,

PROPOSITIO XIX.

T Ribus numeris datis ( A, B,C) confi=
derare poffit né ipfis quartus propors
tionadie inveniviy - .

,‘ 0

e

e ———
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A8 B 12 Ci8 D 27
RSN o TR
Si Ametiatur ipfum BC peraliquem D 5
erit s 9. kx.7 AD BQualis 1 BC ; pdcqyy;
19-7. et Aad Bsuc Gad D ;- ergaD ¢nc

- quartus proporugnalis,  Q.E. F,

Y b‘eﬁigeaf.f‘»;ez'g;fo»;ninnﬁés,‘quam,

, $1n A non meticur iy fon, BC, non darue
quartus proportiosedis’: ' quodoficiiderur ,
ut Inpradéededii i1s LD T Y
VRSN RO YR IRTUITI ¥ SENO-S SR

PROPOSITIO XXil :.)

Rimi uthres [unt. oteni ropefs -
., 14 multitudine Primornms numerorsm
‘ A’ B;b ‘A)‘;'\\)'W{; S N .

CY T At e " v as L
' v D '330&;“ &mu(j\s". WAL R
G. - TR

RN
DAY f:\!.\\ < .

PR S W

B, € metiunear 3 fi j2m D p). 1. primus fic,
fespater's' Si Compofitu 3 ¢rgo, 3347, dl’x-x
uis primus puta G merrur-ipfos D¥ pl. 1,
tctamen is eft aliquis extribus A, B, C

+ ham alidsipfe G; meuens, fupp. ipfem to-

tum D pl.1. & confir. ipfisiy D ablatum (&
nempé G idem cﬂl:t ac A,vel B,velC);
meticrur, -1 2. 2%, 7 qucque hnitaséin refi-
duvam. Q E.A. Ergopropoficorum pri~
morum numncrotii multiruda avdle eft pet
D.pl. 1. vel faltem per G : adcogue prumi
nymert, &eo Q.E.D. .

H  TrRo-

~
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PROPOSITIO XXI. '

SI fqmnum (43. 8C,CD ) com-
mm,mm nupo/‘m(do )rm
' vidg fig.1n Tab. ;
mam.s-dzf-'7~ EBL, AR & FC %

D5 e )12.7- GR pl. F
pl GD-'- AD;adcdq,o-uq. AD parent-

o &ie Ay \"-l ‘l"‘i(f

RS

CD, DE) ﬁ companantur ; mdtmc-
do antem ipfovum fit pai i eotus (AE) par
erit, vide &c. .

-Detrata enim unieate ex fi nguhs impa-

Bbusn -thapcbunt, 7, #¢/+ 7. AF, BG, CHy

L numeri pares § & proinde, 21.9. Com-

poficusex ipfis crit par ¢ quibus fi reddas

" patedi pumerum conflacum ex jam nioda

fubteadlis unitatibus ; totus, 21 9. ldcm:d
AE pprerlt, _ (LE. .

PROPOSITIO XXIIT.

Y Mparesnumeri quotcunque (AB , BC,
C D) {i comporantur, multitudo autems
ipforum fit impar 5 totns ctiam AD im~.
fer erit, vide, &c.
Nam

——

-—————

—_

|
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. Dam dellptodl) uho imearinm 5 peli-
quNram;22.9.1 atume AC erit: plt ]
mores 'y ccur“fi 'ad semerom CD
dempra ipfi unitate 3 totus, 31.9:etidm Als.
erit par 3 adedq; reflituts demum unicate
£0tus, 7.def. 7. AD.dmpar erit o : LQ:JE. Do

O 'mo FOSITIO I |

Sl an umm (409 gav(@ﬁ}dm-

atiwm-CBC) par-voit .

BD, eﬁ:BCnhi: Bk

ﬁdmgent, -‘fﬂ. C,hocelt BD pliny
par . Q.E..D." Sin :BD pasem 'divcpin
propter AB, typ. pnrem; erit, 21.9. AD
par 5. idedque , 724/27 AG ; bvgic@ AD
Pl 1. impar contra byp.

:'.: 3 L I ‘\“, oY sy BT

\% PROROSITIO. KRv. -
A pari nyniero ( A BY ﬁtmpar (/IL‘) ‘

‘detvabatar 3 rchglmr esiams §8C')

m(wmt. vide &c- o

Siquidem AD(AL shin.1. ) - Jef 7 fa
Par:. fg0 » 24. 9. DBieft par.: ad@bqne,
. def. 7. CB (DB min.1.) eft:inpar.. -

QED-

PROPOSITIO XXVI.

\ B impari numero( AB) [i impar C'B)
detrabatur ; reliquus AC impar erit.
vxdc, &ec.
H:2 Nam



198 Elekl Pailidis
i N;m,'mlaﬁx‘yaﬁﬂ(ﬁhdqu ¢h:AD,
&OBmmx)haultCB untpares: /T80y
Q-b.uﬁﬁ i Gﬂhbbdhﬁ&m Qﬁfﬁu
Q,EJD& R PR PR SR TR TRT I RAT RN

S o ook v i b SEE

L APROROSITIO. XXVH. .11 |

Biivepdri wopsyre ( 4B) <fi pen (CB)
A2 &f{ab‘m’ ;ehqum(AC)nn pr.etity

'0' JAE h t‘ *

« "IN 7.31/)75\#!) mt\mhocea D&s
‘eﬁpur. & GBworiltur mars &goy 299~
liguk CD'parell: - adedg ax 7.CD phip
ch’elt (»A,ethlmbin ﬁ D. . i

( sPJRG PQSITIQ‘ XXVEI

MRS S511 IO W TANR B z.i;

Mpar numerus (. %f‘ arem numerum
I (B) millesplicans) gp ¢ aliqhein(4.B)
f‘@m (AB) paregty  vide,&er e

' Namybip, & 15445/ 7-AB componityr
&x infpari A’ totics accepro, quaties umtas
continetur in B g{riz H ﬂ'gé 11.9- Bc{t

r numeras «.- QuE.
PSCHoL

OL. Emlommodoﬁ Af tmcms
par, eritABp Y ¢ v, )

PROPOSITIO xmx.

IMpar nuscrus ( i) fi :mparem mm;e-
rum ( B) multiplicans fecerit aliguens
(/US'( ,f;é".zs (45) xmpm‘ cm vide &c»

Nam

‘ \



I}Mmu' R 73 5
Nam, 15. de, AB componitur cx
imparin alifcto tdzlds dccegioagiiatiés uni-
tas conuncmr in A etiamimpari ; ergo
239 . AB etbimpdtt, Qe -0 Y1)
SCHOL. - 14 INUMETUS Impar s 3. nU,
merum. 32, em mgriens per. Qumcmm )
pa(cm.4., eqdm mehtut‘ D
¢ 2;' Nudetdd i fipah, 3., mdincram impa-
rént, 1§, fetiews,; por muhemm lmphl:emn
;.mmmeumr.._ TP I :
= 4.-Omnis numerus; 3 ,vel nmeucns
sbmétum imparem; v¢-, et unpap. s

PRQROSITIO. xxX,

Mpar numerns ( 4) fi parem numersm
 (8) mmathr 3 mem\m' cmm illins
dimidinm (D)3 “vide e, ¢ T

_Metiasir 1pfe & 'ipfon B per C ; er (3
b Sd?at. 19.9, Ceft numeruspar ; Smggl-.
tur Ezqu. £, C ;lerit), bypo& 9.ax.7. B'
zqualisipi CA, cux zqu. byp-2. EA (quos’
niam enim C 2qu.E pl. E; fa®atam ipfius:
C,quimjpforumE pl. E mul licatione
per eundem numerum A, erit CA zqual.
z. EA) ) ergoz; EA zqu.ipi B’ cpx 29U,

s ,ade uc EA: JPA éc pro
m e, .ax. umcrus Qeticdt pﬁn‘nD“

j“.f 11‘\l'[

PR R B - PRI P
L A A LT Y BTI EL S TOTRE S | 3
. . .. v VT
N T T A A L S T A AT

il H3 BRO-
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' PROPOSH‘JO XXX

Iim mi :t{)”q‘lil;guuu-
S m’.:(a)m.(nﬁ:. ‘¢ ad illins
duplims (I) primusevies  vide, &ev }

- 8i fieri poteft; allguD memtunpfos
A, &C ergp metiensimparem A
impar, 3. Schol. 29. 9. erit 3 adedque, 30-9¢ [
metietur ctiam ipfum B fcmlffemxpﬁns pa-
sis C: er;oA.&Bnonfuntpnmt inter fey
eonsra byp.

PROPOSITIO xxx'u.

N meum A, B, C, p. are. ib:-

nario duplorams snufguifgue pavis

ter par eff tantum. yide, 8. . .
Siguidem conflat, 6. def. 7. ombes 1, Ay

B, C, D pareseffe, imo, 20, defo5. & pro=

. portionales ; nimirem Dyp.mtatxeﬂtdﬁ-

pla, & t1. 9. pbomdé 35 urfdgquoque mine~"

1 menfumi tajorein per aliquedi ex illiss

Igitur, 8. defs 7. orres fung paricet pms'

d doniam A primus eft i idcircdy 13. 9 |
Us.excrd tos ali%;;m eorumy mé. u‘r [
Exg9 pamer parts func hniin: ) ..

PROPOSITIO" xmu.~ i,

Inwmerss (A) dimidium (B) babeat

imparems;( A mcrm ar eft tantdme.
vdwﬁc.’ pe p ﬂQ_ ‘



. et il e — s A

* Quoniam enim impar nbmetus B méris
tuts bep.ipfam A per 2. paremy etiky 9def
7. ipe B pariter impar ; Q;;)d fi pariter.
etisn pareqi illumdixeris ; ergo, %?:; 7o
cum-par aliquisD per pacrem B meticur ¢
‘ae&lue f ] 9. “xu 7l.,nB pt II.A !(ﬁ!- DE‘
adedque, 19- 7- erit2.adE ,ut Dad B :
atqui 16. 4ef. 7+ iple 2, metitur patéem B
ergo, 30. def. 7. ipfe D par imparem B me-
ﬁtl.u'. Ul N‘ 1

PROPOSITIO XXXIV.

Sr par numerus (A) neque & Binavio dus
plus fit , neq; dimidium babeat impas
rem ; pariter par eft , & pavites impar o
vide, &c. :
" Pacet primd effe A pariter parem , quia
dimidium imparem non habet : quoniam
verd li A dividatar bifariam, & rurfosejus
dimidium dividatur bifariant, & hoc fem-
per fiat = tandem 7. def. 7« incidemus in
aliquem imparem { nonenim inbinarium,
nam A non ponitur duplus d binario )5 is
ergo pariterimpar metietar ipfum A per.
parem numerum : quippé alids, 1. Scbel,:
39. 9. ipfe A impar effet conrrabyp.) : Ergo
aian ipfe A eft pariter impaz . Q. E..D.,

PROPOSITIO XXXV, =

: SI' [int quo tcunque numeri deinceps p;‘-’o;

Ponimlﬂ' (MMM,M”N» NN’
. Haq NNNY)



1961 Elems “Eaoli¥is
NNN) ; dembanurautm d fecindo, ¥r
ab kitimp numeri ( A5 A)'s quorsm hilie
Bet dquetior ipfl § primos evit ut fecundi éx<

ceffus (B).ad pritam, itd ultsmi exceffs

adipfum emnes amcedmm ..
MMM: MMN » MNN, NNN
-, 8‘ . I3 180 . . 27.
Aa "B, . [+ D,
8’-» 4o 67 : 9-

Quomam ergo zquamur A pl B,&
MMN, uri & A, & MMM fit. Cexccﬁ'us
numeri MNN fupra MMN,& fit D excef-
fus numeri NNN fupra numerum MNN;
lgtwur, bypo X 9uax 9. .

wka AaprlC’plDadAp]Bp}c
fq:‘i]'gfszP’Bvl(- “adAplB
y 9, AplB adAs
L Ergo,dtwdmdo -
dApl Bpl C 0ol
Equ hx{ a C
Rauoncs C' :‘égﬂ ‘B |

crgo, ut)j it D'pl. € pl. B froc eft cx-*

flusu) d 1.B pl.C
e
MMN pl MMM utBadA Q_E D. .

AT L L}
FR] IS . k-

l?RQ-

N
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e T A S S (A I
"+ PROPOSITIO. XXXVL..

- Iab unimeqnwuq;mm} lmup: :

~

¥ exponantuy in proportione dupla; qno -
ad totu:cmpoﬁtus&:})’ £ primus, @ torns
bic,in ultimii (D) multiplicatas faciat ali«
GHE (Z);stotus bic produddnspeyfelinseris,
. } OO A"\ . B)J-m g,_ D
R - 1P 74’,', 4 >~ .16
’ ‘(Q) ~By: ) G K. Ls (g)/
. C3T. 62 ¥R4e: 348..
UM T N s
T S T 496 i 468, . .
-~ Sumertotidem Br:lG ] B, E-ctiamadiae-
" oeps in proportione 3 ;epgo 14.7. Crily .
" ex aquoordin. Nad._D“rUt ,5 m ;.'adcaq;
19, 7. quabuntod KX, & DB, five Zyeago

~ E meviethtinfum Zper A binariir ; 20pro-
. indé omfics:hi ndmyeti B; G, H;:L; &Ufont

deincepsproportionalésineat. dupla. Sit:
autem M exceffusnumeri G fupraE, & fit:
N exceflus humeri Zopra B; erit 35.9. M:
ad E,ut N.ad E pl. Gpl. Hpl. L : atqui,
byp. Miidem eft acE 5 ergo N idemrerit, .
acEpl.Gpl.Hpl. L'; adedque Z id¢ erit
ac 1. DloB pl-Cpl.D D'cE Dl-G plnH, p‘c[;c .
quiidém fir-tacE pl.N.. Quin etiamquia, .
7.4x.7. ipfe D metitur ipfum DE, fivé Z;
etiam, 11.4x.7: finguli 1, A,B,C, meticn-
tes ipfum D, necnon propterca, 11.9.ipfos
‘ByG,H, L, metienur ipfam Z . Caterin
llus aliuscundem Z metitur : Nam Gt
HTA H:s- aliquis-

A:a,



sliqais P, qui meuatur ipvm Z per Q s er-
£0s 9\ax:7, dtabuntoy F Q6 £570i DE 5
ergo: 19.7-eritEad Q uiPad D ; ergo,

-quia-Aprimus metitur 1pfom B,& proindé,.

13- 9+ nullusalius. P_cundem D meticur 3
_neque,. 2o.d5£_g7'~_ipﬁ E etictur ipfam’'Q ..
quare, cim E primus gonatdr; idem,3747.
24 Q3 primu¥erit ; aledque, 337 E&Q_
i Tida ratiorte fancwmininii gergo,21.9. €.
ipfure'P aquémetiais ac ipfe Q ipfum D 4
,g}:d ue, 13.7. Q eft aliquisipfori A,B,C..
ifigitur QidemaciB ; er, ',ﬂ:onhm, ex
aqueordin.eft Bad D:ut gd , idedque,.
297 quntul’ B.H & DE;ﬁv?:Z, ﬁVé I Q;
erit Qad.B ur Had:P, atqui Q & B ponun~
-turzquales; ergo.¢olam egaabuater H, &
P adedque P etit ersmn-aliquis. ipforum-
:+ #%,B5C &c. contra kyp, -Brgo nulles aliys-
Cpratér nuineros.P .cundem Z me~
~stetor ; ac proindey 295de/ 7. iple-Z ¢l nu~
rmmenis pedfeuss (QeleDy. v
FT A B Er S .

AT EY
LAVS. -DEO. - :
i . [P : 23 :
* ey b oy et )
' IR ERARE R .
R AN £ { e ! |
t '7»; : ’ [ L3} 4 vy
3 '_ . 1t o~ 3
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i DEFINITIONES.
{ ) I. 9 Ommenfiabiles neagni-

W tudines. ditwotar , quds
R - tadem menfiea . ticue .
¥4y 3. Incommenfu-abiles
W .autern , . qdatum hullam
‘ » communem: menfuram
contingit reperirii. . o
3 Re@z linex potentia commenfura-
biles funt, cum'gdadraca eaguin idem (pt-
Hum metiturs ' L
- 4« Incommenflurabiles atem ;rom qud-
;  dratisearum nullum fpatium, quod fitcs-
. munis, corum menfura contingit repe-
. e - &+ .. .. oL
§. His pofitis, oftenditur, cuicunq; re~
@z linex propofite tectas lintas’ muluto-
dine infinitas. , & commenfurabiles effe,
‘& incommenfurabiles: : ‘alias ghident Ton-
-gitadine, & potemtia 5 alias-verd porentia
folim . Vocetur autemn propofixa recta li-
p . -tea, Ratiomalis. - i o ot
r - 6. Ev buiccommenfurabiles {ivé longi-
«  tudine, & potentia , five potentia tantim ,
+ ~Rationales. . ot
-7 Huic vzrd: incommentiitabiles., Jrra-
tionales. vocentur o '
8. Erquadratum, quod 3 propaGrare-
&a fir, dicatur Ratioaale-

Qe E:



180 Elévs. Buelidis
9 Et huic domme'nﬁ)rablhq qmd!m ’
-Raomalia. /'L 4

10.. Huic verd mcommcnfunblhz 5 Ie=
rationalia dicantur .

11. Errefte , qua ipfe poffunt, Irratio~:
nales: fiquidem ca quadrara fint , ipfa la~
-tera 3-fi verd-alia quepiam redilinea, rg-

. &z, qua fpanijsincomméfurabilibas zqua-

llaquadrata defcnbnnt
I’ OS TVbATV Mj;.
R E'rxrxo‘

. P Oﬂuletut > quamhbet magn'ltudmcml

toties poffe multiplicati; donec quame~

‘Ag;xc mgmtudmembmf&tm;cnerm cxcc--
t o ! L ~

'AXIOMArA*'"

-

* Afteé "o
PRONVNCLA'TA% e

MAgmtudo quotcunque maghicas
dines nretiens; eompoﬁtam que--
'qa: ex ipfismetitnr- 1, ‘
2. Magni udo quancusgue mgmmdu—-
- Betn meticns;dict tor.quogue'omncit ma- -
. gnirudineor; quant ldometitors |, -
3. Magnitudo m:tiens totammagaing.-
- deggeiny S¢ablitam;, mmm:& z-clu;u a,nh
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- in Gemere ¢,
e FRO.POSITIO L

D ¥ abus magnitudinibus. 1uquhbnr
propofitis (4B, & C) » fi & majori
:CAB) anferatur mains, quimdimidim:,
& ab co guod religuum eft rurfus detrabis
tur-maius, qudm dimidism , & boc femp
penfiats velinguetnr tandem quadams ma~
goitndo qht minor fi'y. ymhn prﬁpa/' Is
‘mr mgm ds(C)+
éﬁnt \mgmmdmes AB,&C 'l"uu
farre C toties, donec ejus m\.ﬂtlplex A
proximé excedat datam AB : deindé re-
Plveipfam Zinpartesfuas ,qnarmn.tm/:'r. _
cuilibet zquarur ipfa C : atqué tam juxtd
‘Bypothefim »-déme ex: AB plufquam dimi-
‘dlum, & ( fi opuscfl i refidvo pludquam
~dimidiow, arque itd deinceps., donec par-
tes-inzquajes magnimdinis AB wnultitudis
e zquentur zqualibus partibus magnitu~
dinisZ'. Hinc infinici funt cafus in hac
‘propolitione, prout nempé bis, vel ceryvel
quater &t fampta ipfa € , ‘proxime exeels

- feritdatam AB ; trestamen, & non plures

‘expofoimoscafus in appofico fchemate , &- -

i fequenti demenfratione ; Nimirum
I.- Cajﬂl
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. 1. Cafos . C zquatur,conftr.X.7,.& hze

Byp it dhdng 2 :Aé’&/«{asz, byp.nale
CD% »quam DB 3 Et’gq C majoreft, quim.

2. Cafus. C Wuttit', confle. 2. Z, &
hzc, byp. may. ¢ft, quim 5. AB , & bzc,
byp. maj-'efl; quirh EB ;-érgo € maje eft,,

quimEB. = ’
X ; ey, C BYusvIeonnd Zid R,
‘byps thajiell > qadd - A, 8ched, bap..
Jsjorett, quim EB g .ccgo Cmajop eik),.
,quam‘_rB\. . Q—_h-_lg.-;: R .

" SCHOL. ' Monet Clavius, duaé nligni-
Tudinés InZquatel ; in hot Theoréiffate:s
Propofitds, deberé Rk cales, vt thindr ok
viplrtars pasfliveandkm. majoxem: fiperarey
Atque monet etiam Dibuadiug,. Euclidem
in hoc. Theoremate refpexiffe ad numeros:
furdas; quos non femper Tidee bifartar di~
videte.. 00 o006

PRGPOSITIO IL. ¢

Sl duabus magnitudinibus inaqualibus
vJ propofitis ( 48, CD ) detrabasur-
Jemper minot’ £ 4 BY demajoni (C DY &
vefidisurs (F I3 de iinori: { A'BY Wlieria:
quadam detratiione, atque itd deinceps; nze
vamenreliqua pracedentem metiatny 3. ins
sammenfurabiles erimt ipfa magmitudines:
Hate. ‘

_ Habeant enim, fi§¢ri poteft,hemagnia-
tadines ¢d n.meafarcn £: Qaonamergs -
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‘ - diller &, vy
RBderrafa exCD, quoties fieri potait,
iguit byp. wliguam 1D feipf2a minorem,
\FDdettaflaex AB , teliquit GB fipfa
‘winorem, & fic deinceps ; tandem , 1.10¢

- relinquetaraliqua GB ‘minor » quamkE.

Maghitudoergo E metiens , £ byp. datam
AB ;- metietur, 2.6x. 10. ipfam €F , quam
metieBatar d4ta AB:fed eadem E metitur,

: %/s-‘ toram CD ;~ergo|;£ax. 10- & reliqua

‘tmevietur : a¢ proindé, 2.ex. 0. iplam

-etiam AGS, quippé quam, &yp. metitur ipfa

: atqui, #¢ prius , eadem E meticbatur
‘totam A B; ‘ergo, 30mv. 10. metictur reli-
“quem GB, MAOr MINOLreMm Qﬁn A

PROPOSITIO NI

| Draﬁm' magnitudinibus commenfara«
I ‘libus dtris (A8, CD) 35 maximim
AT communcis minfuram repevive ..\
_ Deme, quoties potés', minorem AB ex
- majort CD, & reliquam ED'ex AB, ut &
reliquam FB ex ED, donec refidua magni-
tudo FB pracedenrem ED metiatar , hoc
(et donec fala quadam alcerna fubera@io-
ne; nbllum foperfi refidoum; (nam id fiets
aliis enimn2.10. AB, & CD effentincom=
~Imenfyrabil¢s contra hypothefim )} Dico s
&5 cffe menfaram qualitam .
am'FB 3 conffr. metitur iplam ED,
- adedque, 2.ax 10.1pfam AF: gd & femet-
Tofam metitur 5 ergo’, 2eax. 10. & totam
- -AB ; adedque’, 2.4 10 ipfam CE : fed
: mc- .



* w84,  Elan: Batlidis
- meticbatur ipfam ED ;: ergo, 1 ar. 10t &
- totam CD mietiemr ¢ Erit igitur:FB com~
munis menfura datarum AB,CD . -
Quodautem fit maxima, indé quidem
patet , quia-nempé i daretur alia comm.
~ menfura G.mejer,quim FB ; ergoG me-.
- tieps-datas. AB; & CD, metietur , 3 .45.10-
. & ipfam CE ;. €180, 3. axv 10, & reliquam:
- BD,adedque etiam , 2. ax 10. ipfam AF ¢
» fed meticbatur totam AB.; ergo, 3.6x.10¢
. rqcli%uam FB metictur; major.minorem .
’ o e A‘ \ :

COROLL. Hine megnitudo metiens :
dnas wagniwdines 3 metitur & maximam.
carum communem me’nfuram:.

"PROPOSITIOIV:.

: TR:"&:’):I mqgmmjm;&ur‘ qlnm;nm/' Wrae-
- L bibus datis{A,8,C) maximam ca~-
. TN comuruems wienfuram reperire...

Inyeniatur; 3s10. D maxima communis :
menfusa - duarum.quaramcungue A ,.B ;-
- 1tem . (1 prima-inventa D -non-metiazpr -
tertiam.datam C) reperiatax, 3. 10, E ma--
xtina comm. menfura ipfasum D5 G ; erit-
E menfura quafira.. QuogiamenimEme-.
ticuripfas C, &.D , atque, D msticus duas:
alias A, & B ; metietur proindé, sonfrs&.
., 3 &x. 10, £adem E datas 4{: B,C.. .
Qupd auter; non detuc- alia menfuga F
major, quim E 5 indé¢ quidem-pacer , quia .
ncmgefi F meticetupipfas A, & B,y imeoge- .
o ‘ tor,
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sat etiam, cor:3.10, maximam ipfifum mé-
furam B : qued fi ¢diam metiniur certiaos®
C ;> mecietur properea, cor. 3. 10 carundé
D, € maximam domm. menfuram B ; maw
j@r minorem . QB- A. L

COROLL. Hinc 'qiuoque » magnicude’
metienstres magnitudines , metitur maxi-
mam carum comm. menfuram .«

PROPOSITIO V.

Ommenfurabiles magnitudines ( A,

@ B) inter fe rationem babent quam
numerus ad numerum . oot
Inveniatur, 3.10. € maxima menfura 472
tatum A, & B, & metiatur reperta C da'3 -

A-per 3.-8& datam Bper 2. Ergo erit un!~
tasad 2.t C ad A, & invers. erit 3.2d 14
ut Aad C : itactiam crit X. ad 2. nt C ad
B; ergoerit, cx aquoordin. Aad B, ut 3.

ad 2. ?iui fune, gt pumcrusad numerum..

" ./PROPOSITIO VL

I dug magnitudines ( A, & B) inter fe
3 ‘proportionems babeant guidm numerny
adrismerpm: (5. ad 3 ) ; commenfuradiles'
erunt ipfe magnitudines (4. & B)
Quoties 1, continctur in pumerog , iy
tot zquales partes, 10, 6. dividatur magni-
wdo A, itaut C it parsipfius A, qualisefi
R i
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Elesp, Q‘fhdflh

us numeti sy Quoniam igitur,confre
e C od Ayut tad g hughe bpp. et A ad
Rsut gsad 35 stits ex aquaordin. C ad By
ug § ad 3. 0tqui, §eax. 7> I, metitur nutne-
rum 7. Ergo etiaw Cinetitur ipam B: fed
&; coifly. mctiebatur jpfam A ; erga, 1defa
;oélA » & B funt gommenfurabales .

° .

PROPOSITIO VIL

I»Moumfmb«'la Maxnitndines ( A,
B ) intex fo proportioncms. non habenk
qudo nkmerus ad numeruns .

. Nam fi dixeris 4 fehabere A ad B utfe A
‘haper numerus E ad numerum F 5 ergos

6-10. A,& B eilcnt commenfasabiles,con=
ua bypothCﬁm -

" PRQPOSITIO VIIL

SI due magnitudines (A, ¢ B) inter f&
proportionens uon babeant qudm nu<
‘merns ad numerum ; incommenfurabiles
arunt ipfa magnitudines . o

. Nam fi dixeris, A, & B effc commenfus-
rabiles 3 ergo, §-3q. erit A ad B ut nume-
rus ‘ad&r:ﬁméxpm sutputa EadF. conn

bypo

S v
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‘ LieX. - 18
 PROPOSITIO IX..

\ Ve d redis lincis longitndine come
menfuralibus fiunt Dnadrata 5 in=
ter fe-propostionems babent , quand

uadratus numerns ad quadratam sume=
Tum : Et quadratk imer fe rationem be=
tmu. quams quadratus memerss ad quas
dratum namerums 3 lateva babent longitu=
. dine commenfurabilia. Dneverd 2rellis
lineis  longitudine  incommenfirabilibus
- fiwnt quadrata; inter fe proportionems now
babent , guam quadratus numevns ad gua~
dwm wumerime . Et quadrata inter fe

ns non bubentia , quam quadm-
3us numerus ad qradratune umerum ; e
que lateza babent lougjtudine commenfuw
ublm .

ES Hy;. Si A & B fam Ioag:mdmtcom-
genfurab:m d»lco fore Ag- ad Bq. ¢
quad. num. ad. qyad. nums.

Quoniam enim eff, byp. & . 10. Aad B
ut num. q&nuga gﬁ;t B at F 3 idcircd




188+  Elenii. Zaslidis

2. Hype Si fic Aq. ad Bq. ut num. quad.
ad num.guad Gdié (R & ‘B.efle longltuc
dine commcnfurabx!cs Nam
JEq b : ?ad\ggﬂ {20: 6))

!1. x a (HypY ¢
Ratxoncs{ Eghad ; 118.) . '

* LEadF bis+

ergd, 5. 10. A B fue !ongxtu.hhc ebm-'

menforabiles.>! ©Q; 8. D-

« 3o Hyps :Si A 8B fint louguudme m-l
cammen firabiles ¢ dico nen-fore: Aq. ad,
Bq. 1t pym. quaJ ad pum. quad. ; aliis,
EnLoY , ut prius A &B cﬁcnt‘ipnguudme‘
commcnfnrabﬂrs, concra hyo. |
- 4. Hvp. Sinonfic Aq. ad Bq. ot num, .
quad. ad num.quad.; dic» A & B et lon-;
giruding xnconnnen‘uramlcs 3 alids.enimys
utprivs for t Aad Boac nmm.adnumcmm,.
contra hyop.

COROLLT mez longitudine com='
fhienfurabilis, funtetiam potentia commen=
furabil' s; ftd non contra. Sed linex:loni=:
gitudine incommenfyrabiles non funt id-
© tcd potentia incommenfurabiles . Lmez
verd- potendia-mcommenfurablles fant ena:
IOHS'SUdlnc mcmhmcnﬁuab:lcs T

’ Padwiosrrm x.~ iau

I quamgr}na wituaines ({,4.)3. € D}

proportignales fuerint ;. .prima vérd

( )ffrwndé (B) fuerit u»nmyf urabilis 3
it etmm tema quarta mmnfuubélu H

iV
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B, primé feuhnyla fueric inommdnfiira«
bilas;ithetsam anit 1r GAGiRR Y.
V8 e et
'Si A,& B erunt commén urabi css;crgo,
$.16. ericntmerus admumeramut A ad B,
qua font; brp.-ut Cad D sadecqu- ;6. 10
C,'&D sexunc fibi longit: ééthmehfirabie
Tes . Sin:A; & Bifime (i1 dong. intomr men~
Turabilesergoyps roinomerit nitin: ad frutre
4t A ad’B;quz dtmt,brpout € 3d:Dy 2dé6d;
&.16.0 & Deruntlibi long'icummenfi=

g b.“ P .%\D. : .‘“‘: ?i“':'\\‘r'.'.n"\ %
* hif&éﬁ. Quad T quafyor propcfite
magnitadines ‘ fuerint linez ; prina verd
fecundz , vel longitudine , vel ‘tantim
ypotetitia fuerit com rabilis : -erft-pa-
silerterdia quarae 5 vel Forigitadine ;- vel
tia tanuimcommenfurabilis . S ve-
10 daz prioges futtint linea ,:teliquz verd
fuperficies , vel folida y & “fuerint primz
longitudine fibi inconmwenfurabiles, qui.
vis potentia fint commenfurabiles; non
erit earum proportio > que numeri ad yu-

‘merum -3 igituf hec religdarim eandem

cum ipfis rationem habétis, proportio erit,
quz numéri ad numerum ; quare & illz
incommenfurabileserune.. ;. .

- LEM M A1, .Dnos numeros plarbs
invenire,,, qui -proportiopem non bsbeant
qudm quadratus numerks ad. gradraem
- Huic lemmati fatisfacient Juo quilibe ¢
nunicri plang non fluntles, vel duc quicis
num i ; rimi. .- 2. s



" ase  Elow. Eickdis

- % Tomenire lineam.( KR ).4d qrun

dusa linea- (KM fit invasioncdatoriin
namersws (8, C) _. Ly
Reperiantar mionimi termini £ 8¢.3,.i8
data ratione B ad C : atgue,.19i 6« divide
datam KM in pastes mquales xqué. inglias
onitatbus numesi §.;: guamim. pastiuvm §og
AQuot funt anitates in nUNKID 2, COMPARFE
setam HR ; liquer efle, confirs KM 2d HR
gt s.ad 3-qui qm,ntliad C. . Q.EB

3. Invenire lineam (D) ad exifis yua’
dratwm fit quadratuin datk re36 (K M)
muwmers (B) ad numersm(C) , - -
Dazis jam numeris B,C , atque dats etid
linca KM ; fiaz, 3. lemm.praced. ut Bad G,
iti KM ad HR, inter quas,e3.6. reperi-mey
diam propornemaiem D ;. dtco fa@uw;:
nam, Corvll. 206, srit KMq..2d Dg. ut
KM ad HR , que funt, confiriwe Bad C,
Q'E'Pp T .{f:? [ '.:-' i
AR . P |
' PROPOSITIO XL.. .
. . . o . . . )
Y Nvenire duas velias lineas alicui pros
pofiterelielinea (A) incommenfurg<
biles , alteram quidem (D) longitudine ,
alteram verd ( E) etiam posentia

1. Sume, -I.lemm. prec, - duos numercs
non quadratos B, C, Brdarajamiinea Ay
groindéque dato Aq. fiat, 3. lemm. prac. ut
Bad C, itd Aq. ad Dq. Ergo, exquara

. . parte




Ribie X, " = ) .
partec,buiss, A, & D fune £ibi longit. in-
commenfurabiles : Quia tamonefR; conffe.
Aq.2dDq.utB2dC; erunt A, &D
tentia tantim fibi commenfurabilcs.

%E- E. S T T
- 8. Invents am linea D, que fic iphi A
Jongit. tanainn ingommenfurabilis , g-
' viaturs 1.4, inter datam A, & inventam I,
media proportionalis E 5 Dico fallum ;fi-
uidem , cor.20.6. eft Aq. ad Bqu ir A ad
D . arqui, ue prius , A, & D fant fibi long.
incommenfurabiles y ergo , Jcbols 10 10

Aq. & .E;- erunt fibi incommenfurabilia «

. PRO PO SITIO XII.
Va cidews wagnitydini(C) font came
menfurabiles (A.B) funt ctiam ine
ter fe commenfurabiles «

Quoniam , é7p. A eft commenfurabilis
ipfi C, & bhzc ipfiB; erit, 5. 10. Aad C,
utnumerus ad num. ut puta Dad E, & erc
Cad B, utnum.adnum.ucputaFad G..
Sumantur jam, 4-8. tres numeri H>1LK> mi-
nimi proportionales in rationibus D ad E »
& F ad G; eric, byp. &9 confir. Aad C ,ut.
Dad E,quz funt, st Had 1, atqueerit C
adB,ut F adG,quz funt, ut1ad K3
?dC(‘)qi hlnc A, C, B, & l“inc H, l’ K funt
in proportione ordinata ; €rgo crit, ex «que
ordin, A ad B ut numerus H ad pumerum
K; adcoque, 610, A, & B funt fibi com~
menfurabiles. Q.E.D

o SCHOL.



yz Elew. Biclidis .

SCHOL. Hinc omnis réta linea ratio«
‘mali linee commenfurabilis, eft quoque
<ationalis. Ecomaes rectz Rationalcs fuat
inter fe commenfurabilcs faliém potentia =
Item ommne fpatium rationak fpatio .com-
‘menfurabile eft quoque rationade , & om-
-nia fpauid rationalia inter fe. commmenfura~
.bilia funt : Magnitodinus.verd quarum ale
-tera ¢ftrationalis, aliera irrationalis; funt
dinter fe mcommenfurab:lcs, Vi,

PROPOSH‘{O xm.

Ifnt due magmmdmes (4, B) G
: altera gmdem () cuipiam tertie(C)
fit commenfam it , alvey. Liesb tE ) j‘c
wiam tertia’ mcommuj‘»rmlu‘, ingOniw
menlurabiles erune {' b mmﬂ) pmu {4
& fecunda (8) - 5
: %lppc iB& A cﬂém f’ blvmutué chme
menlurabiles; quoniam; typ. C'commen-
furabiliseft ipfi A atque, f. byp. B comi-
‘menfurabilis eft cidem A 3 erunt s 12- 10!
C & B fibi mutud commenfurabllcs s Con=
trab yp. ; ‘ ;

PROPOSITIO xxv. el

T firt dust ritydines commeﬂfum'-‘

b:lrs(d & By & altera guid-m (A)

tertia cuipid (C) sncommenfurabilis fues
1its acliquaetian (8) eidem (C) incom -

x. trjma[mzs crit.
Nam

a
f
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[ A ;

- Liber X, 155
‘Nam, fi dicantur B, & C fibi myrad
commenfurabiles ; Quoniany,byp. B,com- -
menfurabilis 'Cﬁ lpﬁ 'A, atque, f. Hyp. B,
commenfarabilis cft ipfi C ; erune; 12. 10.
1:3 ch fibk mutuo commenfurabiles, cone

grabype - . '

PROPOSITIO XV.!

\ I Quatask veita livea proportiomaled
fuerine (B ad: A, us D ad €Y prime’
werd (B) tamto plus poffie fuprafecundam’.
(A)quintwoe [t quadratums eujufpiam re=
Galince (E) fibi lowgitndine commenfh~
rabilis, & sevtia (D) tanto plus poffit fu~'
praquartam {C).qwantum eft quadvatamd’
ajufpiam reEle linca (F)s Er: etiam bac
(F), longitudine commer furabilis iphi ser=
tia( D} Quidfi ille (B, ¢ E) fint fibi
lengitudine incommenfurabiles 5 etram &'
ifle( D& Fincommenfurabiles [ibi erunt
Dongitading, © . L
" Quoniam 4yp* et B ad A, ut Dad C;

Y.

- erit, 22:6, Bg. ad Aq. uz Dq. ad Cg. Igi=.

fure - .
" ¢Aqipl.Eq.ad Aq.(byp-X 7.5¢)
Aqu. bz 4 Bq.2d Aq. (byp. & 22.6.):
Rationes ¥ Dq.ad Cq. (Lyp. & 7:5+)

.\(-oqu ‘u F « 2 qo
Ergo, div'd. eric Eq‘ .'a?l'Aq.u,t Fqlé ad Cq.
adeoyquer 22. 6. eric Ead A, ut ad&b s
]



1904  Elem." Euclidis
&, inverry A ad E,; ut Cad F: fed, byp. erde
Bad A,ut D ad C; ergo, ex equo ordin.
crit Bad E, ut D ad F: ergo, fi B fit com= ;
menfurabilis , vel incommenfurabilis ipfi .

E ; erit, 10: 10. etiam D commenfurabilis,
vel incommenfurabilisip F.  Q.B: D -

PROPOSITIO XVL:
S‘I, due.commenf. magnitudines (4B,

BC) componantur ; tota ctiams ma= -

uitudo (. AC ) utrique ipfarum commen= :

Jurabilis evit . Quéd [i-tota maghitude

CAC). uni ipfarum partium commenfuras .
bilis fuerit ; erunt ctiam, fibi musnd_coms

mienfurabiles ipfe partes,

Y1 Myp: Inveniatur ; 3.10. ipfatum AB,'
BE conimunis menfura D ; Ergo D me~

tiensipfas AB, BC ; metietur, 1.4x.10. to~*

tam AC;ac proindé, 1.d¢/.10- AB, & AC, .
& BC commenfurabiles fibi mutuo erunt.
2. Hyp. Inveniatur, I§.xo. ipfarum AC,
AB, comm. menfura D; ¢rgo D mitiens

ipfas AC, & AB ; metietur, 3.4%, 10+ feli=
am BC ; ac proindé, 1.‘de§. 10. AB, &

C erunt fibi commenfurabilese =~

Q.E:D

COROLL. Hinc f;tota m‘agnitudo ex
abilis fit ale -

duabus compofita commenfur
tert ipfarum ;'eadem & rcliquz commens
farabilis eric . '

PROs
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 Likex . 9§
~ _PROPOSITIO XVIL°

I due magnitudines incommenfurabiles
(A48, BC) componantur ; totd etiams
magnitudo (AC) strique ipfaram incom= .
menfurabilis evit .. Qudd fi tota magnitu=
Qo ( AC) sami ipfarum (AB) incommenfuus
rabilis fuerit 5 incommenfurabiles esiamy
CTuNt ipfe partes .,

1. Hyp. Sint,{i fip. AC, & ABcommeé= .
farabiles ; ergo, 16. 0. etiam erunt fibi €5~ -
menfurabilés AB, & BC, comreabype 1.

2. Hyp. Sint, fif.p- AB, & BC commeri-
furabiles ; ergo, 16.10. etiam erunt Gbi
commenfurabiles AC, & AB, contra bype

.COROLL. Hinc etiam i rota . magni«
tudo ex duabus compofita incommenfura- .
bilis fit alteri ipfarum ; cademr & relique -
ctit incommenfurabilis . :

PROPOSITIO XVIIL &XIX.
© I fuerint due 7e6a linca inaquales
) (AB; GK) quarteautem parti quas,
drati quod fit & minori (GK ) #quale pa=
vallelogrammum (ADB) admaioré(AB)
applicetur deficiens figura quadrata . 1. 853
parallelogrammii applicatum dividat ma=
jyor& ( AB)in partes AD , DB, longitus
dine inter e commenfurakiles; ipfa major
2 Tn 12 (4B)



196.  Elew, Backdis
( AB) tamd plus poterit , quims minor
(GK) quantum ¢t quadratum ielia cue
jufddm linca (F.D) [ibs ctiam longitudisie
commenfurabilis's "3, Qudd [i major
(48B) tqmté plus poffit, qudpa minor(GK) °
giantum et quadratams recle livea (P D) |
fibi longseudine vommenfhrabilis , quarte
antems parti quadrati , quod fit d minori
(GK) éqnale parallelogrammum(ADB) '
ad majorem (AB) applicétur deficiens fi<
Zraquadrdra s in paries (AD; DB) lons
Zidine inter fe commenfurabiles ipfam
(AB) dividet . 3. Sin verd applicatum
peratlelogtammum in paries (A D > DB)
incommenfurabiles ipfaps (A B) majorem
dipidas ;. tanto plus poberit major (AB)

- qudws minor (G K ) quantum vfi quadratum:

reélilinea{ F.D) [ibi longitudine mcom «

menfurabilis . 4. ,9uddfi major (AB)

tantd plus poffit, quim minor (GK') quan=
sum ef quadratum reéie linew (FD) [fibi
longitudine incommenfurabilis, quart® an=
¢cm parti quadrati quod fis dAmirori (GKY

aguale parallelogrammum( AD B) ad ma=
jorem ( AB) appliceenr deficiens figura
quadratas in partes longitudine incommen

Jurabiles (AD , DB) ipfam ( AB ) di-

wiket ,

. Bifc-_

R o
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. Bifecetst GK:in H ; erit , 4.2. ®Kq.
«aquale 4. GHq. : Tum fuper AB apolice-
.tur.y -28. 6. rectangulum AD B equale ipli
GHgq. deficienfque figura quadrara DBq. :
Tum ex AD abfeindatur AF aqualis ipfi
1 DB; & cocipiaturAB tanquam AD pl.AF..
rltd.cego. - 7 . R ’ g
i1 eABq(8.2. . - L
.77 '3 4« D AF, ple RDq. [ xosfr. )
tBquhacY 4. ADB, pl. FDq. {confir.]
. 4.GHq.pl. FDq. (4-2.)
~_ UGKg.pl.FDg. _
« Brgo FDq. eff excefliss, quo ABq. fuperat.
ipfom GKq. His premiffis 5
Dico 1. (luxta primam byp. 18. buiur) St
AD., & DB furit commenfurabiles ; fore
etiam AB,& FD commenfurabiles . Quo-
niamenim, byp, AD, & DB funt conunen-
-fursbiles. y eruge, 16. 1&. AB, & DB com-
-menf.. Ergo etiam AB, 8 2.DB, hoceft
“B, & AB,”;”“‘JFB s-adeéqne,m. 16.10..
etiam AB, & FD. Q:E.D. .
Dico 2. (iuxtd Jecundam byp, 18, baius).
8i. AB, & FD funt commenfurabiles; fore
-etiam AD & DB cdmenfumbiles : Quo-~
' hizeg enim'A B, & FD' fantcomm.;erunt,
+ 36.10. AB, & AB imus RD., hoceft AB,
& 2. DB, commenfurabiles ; adedque, 16.
10 ADE& DB ¢runt commenfurabiles.
¢ Digo 3. (iuxtd primam byp. 19. baius) Si
. AD,& DB funt incommenfurabiles; fore
tiam AB, & FD incommenfurabiles :
aoniam enim AD, & DB fiint incommi.3,
R 13 e Selunty
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. erunt 516, 10, ctiam AB, & DB ingomm.
-adedquectiam AB, & 2. DB, hoceft AB,
& AB, winsus FD . adedque, cor. 17. 10,
etiam AB,&FDO Q' E- D! e
Dico 4. (ixxta fecundam byp, 19.buins )
Si AB, & ED funt incommenf. foréetiam |
AD, & DB incommen{f. Quoniags enim ,
AB, & FD funt incomm. erunt,17.10. etii |
AB) & ABminus FD, ho¢ eft AB) & 2.DB |
incommenf. adedgue, 17. 10; &D & DB |
erunt incommenfurabiles. = Q. E. D.

A

DE RATI%'NVA'{..IBVS,"
* - IRRATIONALIBVS:

in Genere.

- LEMMA Ria fune gen_e_ré linearum
. Rationalinm mter fe com=
. menfurabilium . Aut enimn duzrum linca-
. rum rationalium longicudine inter fecg- |
menfurabiliom altera zqualis e} Expsfire
_Rarionatiy, aur illi nentra zqualiseft: , lon-
itudine tamen eft -utraque ipfi commen-
.- furabilis, autdenique uttaque ipfi et po-
tentia .fohhrcommenfuratulis » Atquerbi (
. fumt modiquos innuit.fequens Theoreme .
. . ‘ . . oLy E N ,
-PROPOSITIO :XX.: .., '
Vod [ub rationalibus longitudine ¢o <
menfuralibus vectis linels ( BC,C D)
Jecundim aliquem pradiorum ritoe
dorums continetur re(lgngnlumy RAT IO« ]

NALE R, Ex-
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Exponatur A Rationalis, refpe@u cajus

> linez BC, CD rationales dicumtur , & de-

foribatur ex BC quadratum BE . Quoniam
-ergos byp. A eft Rationalis : eritetiam, 8,
-def. 10 tationale ipfam Aq. -Et quoniam
BC, faledm potentia, commenfurabilis eft
iofi A ; erunt, 3.def, re- commenfarabilia
BE’ & Aq- QxOﬂlamWfés 1 O 6- e{i m
ad CE, hoceft ad CB, utDBad BE, &
funt,by?. fibi mutud commenfurabiles DC
& CE ; eric etiam, 1. 10. ipfum DB cé-~
menfurabilte ipfi BE , quod , wprixs, eft
eommenfurabile ipfi Aq. adesque; 13. 10.
DB & Aq. fant {ibi mutué commenfura-
bilia, ac prom(};,. 9.defixa. DB eft Ratio=

- nale. QE.

PRQPOSITIO XXI. '

S I Rationale ( DB) ad Ratienalem
‘vJ (DC) applicetur; longitudinem(C B)
efficiet Rationalem, ¢ ¢i ( DC ) ad quam
applicatum efl D B) longitudine commen=
Sfurabilem. ' )
Exponatur G rationalis, refpecta oujus

- Jinea DC rationalis dicitur , 8 éx DG fiac

quadratum DA : Quoniamergo, by?. &

* - 8.def.10.ipfum Gq. eft Rationale , atque,
. byp. & 3. def. 10. 1pfi eft commenfurabile
_quadratum DA ; erit , 9-def. 10. rationale

ipfum DA : Quoniam verd, 1.6, eft BD

.ad DA,ut BCad CA , atque, ur prius , &
;. Byp. BD» & DA funt rationalia , adedqus,

1 4 9



" .
Lty >

“ 300 Elem. Exglidis i
9.def .10, commenfusabilia ipfi Gq. ac pro<
terea, 12.10.inter fe etiam commenfura-
ilia; erunt pariter , 10. 10. commenfura-
,b‘»lcs fibi mutus BC, & CA, hoc eft DC,
quz byp. eft rationalis ; ergos Schol. 12.100
gxit etiam rationalisipfa CB . Q.E.D.
LEMMA . Duas te&tas.rationales po-
tentia folum commenfurabiles invenire -
Sit A expofita rationalis , atque, 11. 10.
{fiame lineam B, potentia tantiim commen-
Augabilemipfi A ; & fume lineam C poten-
tia rannim commenfurabilem ipfi B :.quo-
- .piam ergo tam A, quim G, funt,confr. ¢G5~
-menfurabilesipfi By erunt, 12.10. etiam
ipfe fibi mutué commenfurabiles ; adeoq;
G.def- 10. tam B, quam C eft Rationalis..

PROPOSITIO XXII.
'\ 84 fub Rationalibus potentiafolim:
" comenfurabilibusvellis lineis(DC,
. CB) continetur re@agulum (DB)ef
irrationale,&r veita lineal K )ipsi potés iva
-yasiondlis2( linea,qua vocdtnr MED [ A,
.- Expofita rationalis fit A; & fiat quadra-
-tum DE , fiatque Hq. zqualeipfi DB -
-Quoniam ergo,1.6. eft % ad CEs;hoceft
CD, ut DB ad DE, atque,.byp. BC, & CE

funt fibi longit. incommenfurabiles ; erit,
“30.10. etiam DB, hoc eft Hq. incommen-

furabileipfi DE , quod, byp. eft commen~
furabile ipfi Aq. adedque, 1310, Hq. &

Aq..

‘.
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Ad..eront fibi marud incommenfurabilia,
acproinde, 10.dsf. 10. Hq. fivé BD eft irs
rationale, -atque idcired, 11-def 10, linea
efirrationalis .. Q. E.D..
Vocetur autem hzc H ipfum BD poterns
MEDIA; Propterea §u°d’ 17.6. eft media
proportionalisimter BC.& CD.rationales,.

. potentia tantim inrer fe commen‘urabiles:

Vude ejufmodi MEDIAM citd definigmas
1xerimus.eam: effe: kneam irrationblem o
gy, medio loco proportionalis eft inter dsuas

ya1ionales potentia tansiim [ibi mutso commena.

bales, + v
.SCHOL.. Atque Hinc- rationem reddie
Campanus,. cur ipfum idern. Hq. dicatur
AMediumm 5 quippe fi tres. linez fint conti-.
Ruc proportionales quales funt. BC ; Media
» 8 CDxs eruntquoque, 22- 6: reftilinea
firvilia , cujufmodi fanc quadrara fuper ip-
fas deferipta ,, deinceps proporriomalia ,
adedque Hy, erit medium: propottionale
inter BC4, 8 CDq. : Ieaqne omné reétan-.
gulom. fub: duabus rationalibus. potentia:
tantim commenfurabilibus contentit me-.
dinm eft 5 At verd nomomne fpatium me-.
‘diam. fub.duabus rationalibus potentia fo-
-lim commenfurabilibus.continetur, fiquis.
dem poteft fpatium. mediuvm:contineri: fab
-duabus Ircationalibus,nempé Mediis; lons.
-gitudine,vel potentia tantiin inter. f€ come.
menfurabilibus; ut.ex 25. 8 26: hujus cone.
{labie .. Vniunersé tamen:, ut.re@ monet
Clavius, omne fpatinm Medium zquale eft
Alteri cuipiam Medio. fub diabus rationa-
- I libus.
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Jibus potentia tantim commenfurabilibus
eontento § nam alids recta ipfum potensna -
effet dicenda Media proportionalis -inter
duas Rationales potentia fibi commenfu~
rabiles ¢ o
PROPOSITIO XXIII.
: Vod (BDYdmedia(A) fit ad ratioS
nalem (BC) applicatum , latitudi~
wem (CD). rationalems efficit &F
ei (BC) ad quam applicatum eff (BD)
. longitudine incommenfurabilem .-
- Queniam A eft media ; erit Scbol.22.10:
Ag. zquale alicui re&angulo EG conten-
to fub EF,.& FG rationalibuspotentia t3~
tim commenfurabilibus ,. adeoque longi«
tudine incommenfurabilibus ; ergo fibi
mutué zquabuntur BD, & EG; ac proins
déerit . 14.6. BCad EF ut FGG ad CD
adedque etiam, 22.6. erit BCq. ad EFq. ut
FGq. ad CDq.: atqui fibi mutudfunt comr
. .menfurabilia BCq. & EFq. ( re@2 enim
-BC & EF ponuntug Rationales ; adedque
.inter fe faltem potentia commenfurabiles]s:
-€rgos. 10.10. F(Gq. & €Dg. funt fibi com=
ameieabiliaae proindé FG eft commeny
farabilis faltem potentiv igfi CD : atgqi.
FG eft Rationalis; ergo etiant - $eboh 120
-30. C D> eff Rationalis . : G
- Caterwm quoniameft ,. 1.6. EFad FG,
- utEFq. ad EG, hoc eft ad BD:: atqui funt,
- #yp. longitodine fibi incommenfura%igs.

- -
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BF & FG ; erunt ctiam; 10.:10. fibi mutad
incommenfurabilia: EFq. & BD : atqui
Scbel, 12. 10.idem EFq. eft commenfura<
bile ipfi CDq. ( ob id nempé quod EF &
€D ravionales funt , adeoque Inter fe poe

© . tentia faktem commenfurabiles ) eréo, 18

e e e, - = wm

" 10, BD eritincommenfurabile ipfi

Dq. s
Quoniam autem cft, 1.6. CDg..ad BD ot
€Pad BC: atque, w prius CDq. eft in-
commenfurabile ipfi BD ; erit etiam » 1
10. CD incommenf.ipfi BC. Q. E.D.

SCHOL. Hinc facilids, qudm ex 45. 14
applicabimus ad BC re&angulum quadra-
toex A, zquale, fis 1L6. ipfis BC, & A fu-

. - matur tertia propotrionalis pro latere CDj;
- fiquidem,, 17- 6. zquabuntur BD, & Aq..

PROP-OSIT1O. XXIV».

. Mk‘dic ( 4 ) commenfurabilis (2)

media ef. . - .
Ad CD expofitam rationalem applices

- tury Schosis 23. 10+ re€tangulom DE zquoa-:

le ipfi Aq.” & re&angulum DF =zqualk:
ipfi By. Quoniam ergo Aq. hoceft DE
Medium eft , & applicatum eft rationalt
CD; erit, 23. 10. rationalisipfaCE, &

© «Jong. tantim incomment. ipfi CD‘..(Q%:"}
1 g ) %EadCF ) .

-verd, L6, eft DE.ad DF,us

JDE , hoeeft Ag, commenfurabile oftipfi
DF, hoceftipfi By. { ponuntur enim A,
& Binter fe commenfurabiles) erit, 10.10..
-atiam € E'commenfurabilis ipfi CF; arqui,

.t prias, CEeft vavionalis; ¢rgo, Scb. ‘C’i‘lo .



M bt R * - =
Y W A7 « TS S P - .

304  Elem. Eunclidis
CF rationalis erit . Quonia-igitus, ## prigs,
CFcommenf. cftipfi CE; & hec, us prius,
pot. tantiim eft commenf. ipfi CD ; erit,
12. 10. CF potentia tantiim commenf. ipfi
CD; adedqne,.22. 10. retangulum
eft irrationale, atque linea B ipfum potens
eft Irrationalis , que vocatur Media « - -

Y . COROLL. Hinc liquet foativm fpatio ¢
Medio commenfurabile Mediamefle. .

PROPOSITIO. XXV.

|

i
od (AD) fub mediis (4C,CD) |

" longitudine commen furalibns vells |

lineis: continetur reclangulam. Medium eft.. |

Super. DC fiat quadtatum DB; quod erit
Mecdiym : & quoniam, 1.6. eft AC ac CB,.
ut AD ad DB; funtautem , hyp-~AC , &.
CB;.hoc.cft AC, & CD: fibi long..com--
aenf. erunt ,. 10, 10 etiam fibi commenfe.
AD, &DB; erga:, Corulls praceds AD ¢ft.
Medum.. Q.E.D.. . -

PROPOSITIO XXVI.. .

;O_VM: [ub Mediis. pot: tantim coms
"N & menf. reclis lineis (4B; BC): con= *
tinetur. veclangulions ( AC ) el tationale: '
efts el Medium .. "
Superdatas:AB, BC fiant quadrata AD;.
CE , atque. exponatuc FG. rationalis, cu.
' mempe 4



Liber X. say
nempe fint datz AB , BC commenfurabi--
les ; rationali verd expofitz appliceur FH
equaleipfi AD, & IK aquale ipfi AC, &

* LM=zqualeipfi CE. Quoniamigitur,byp.

AB,& BC funt Media,& fibi pot.cdmen{s
erunt etiam Media, & fibi mutud comme-
furabilia ipfarii quadrata AD, & CE, hoc
eft re@angula FH, & LM, fed & applicata

funt ad rationalem FG ; Ergo,23.10- ef= -

-ficiunt rationales ipfas latitud . GH, & KM,

-atq Jong.incément. ipfi expofitz FG;atqui,

¥. 6. ¢it FH ad LM, ut GH ad KM ; ergo,
quowii,ut prius, FH,& LM funt fibi comef;

. erunt; 10.10.¢etiam fibi comenf.GH,& KM;

-adedques 20.10. GH dud. in KM rationale
-erit » Tumvers: ;

fGH ad KH (1.6.)
JFH 2d K (7.¢)
AD ad AC (1.6)

§AD ad AC
-ZAquohz ¢ BD ad BC (7.5-)
‘Rationes §. AB ad BE [16.)

‘AC ad CE (7.5.)
}IK ad EM (16.).
LHK ad KM .

| Ergé,,u.p cft GHad HK, ut HK ad KM;

adedque; 17.6. GH du&. in KM).quod, »#
prius . Rationale eft: , - zquarue ipfi HKqe.
adedque HK eff rationalis, atque prgmdé.
6:def.10:vel long: vel faliem por.comenfe
eftipfiexpofitz FG, fivé HI .. Si longita~
dines: Ergo; 20 10+ 1K;-hoc eft AC ratio«

-naleerit’, Sinpot: tantim; Ergoy.22.10..
AC Médiumerit ;- adedque yel rationale,.

wl: Mediovm . Q. E.D.. PRO-
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. PROPOSITIO XXVIL.

. Edium (AB) non [uperat medium
. (AC) ratiorali (DB)

Sicenim, fi f.p. DB rationale : atquead
“expofitam rationalem EF applicetur EG
- 'mquale ipfi AB , & applicetur EH zquale

-}gﬁ AC;ergozquabirtur {ibi mutuo rehgga
- DB, & lle‘- Eruntergo EG,& EH Medis,

-utpoté Mediis zqualia,atverd HI eritratio-
nale ; Ergo,23.10. FG, & FH erunt ration.
-& long.incom.ipfi EF;adedq;14-10. FH &
HG erunt fibi long.incom.:atqui, 1. 6. cft
#Had HG, ut FHq.ad FHG ; ergo, 10.10.
FHG eft incom. ipfi FHq. cui comméfiedt
1pfum H@q: .(nam FH, & HG. funt ratio-
males) Ergo, 15. 10.. FHq. pl. HGq: com--
menf. eft ipfi HGq. oui,.u¢ prius,incoms.
eft ipfamFHG, cui comenf, fant 3.FHG@E;
Ergo, 17. ro. FHq..pl. HGq. pl. 2. FHG:
hoc eft (4.23)- torum FGq:incomment. eft
ipfi FHq. pl. HGq.. Rationali:; adedque,.
10defito. FGq. erit Jrrationale , ac pro--
inde; 11idefi0, re@ta FC erit irrationaljs,
quatamen, #f prius, oftenfa eft rationalis;.
adedque fimul erit rationalis, & irrationa~
lis... Ql Eﬂ Av. . . .

. SCHOL. 1. Rationale (4E) fupes.
vat-vationale ( A-D)-rationali (CE)..

- Namy byp.AD, 8 GE funt fibi comméf..
-ergo, Corel.16.10.. AE, & CE funt fibicé~
men{.ad cég:c,.&h'cl.u.m- G E.eft:ratio-

S SN

s it o ety
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: 8 Ratibnale(AD)curg ravionali (C B)
Yacit mtionale (AE) I
‘Naw, Hyp.AD, & CE funt fibi corméf;
€1g0; 16.10.. AE, & AD erunt fibi com-

menf- ; adedqne, Schols 12¢ 10. AE eft ra-
gionale. Q.E.D. .

,1 LEMMATA. 1. Invenire duos ng<
mcros plmx)s j:;bi fimiles , vel diffimiles <

. C 12
B4 D&

~ AB 24.° CD 9¢6.

A 6. C ;.
B 4' D >
. AB ag - CD 4e. .
< Sumeqnofcungpe quatuor numeros pro=

portionales'Aad B, at Cad D ; liquet AB,
& CD effe fimiles : quod fi non adfie la~
terum proportionalitas 3 crunt diffimiles.
plani .
3. Duos numeros quadvatvs ( DEq; &
€ Dq.) invenire, itdut compofitusex ipfis
(C £q.) fit etiam. quadratus. -

. Sume AD, DB numeros planos fimiles.

- (quorum ambo pares fint, vel ambo impa-

Les) nimitim: AD 24. & EB.6.. Horum
fomma AB eft 30. differen-ia vero FD eft
38, cujus femillis CD eft 9. Habent ve-

* 56 plant fimiles AD , DB unumn medium:

. opro~ -

a . M
. v

N
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proposcionalem DE , baceft 12.:a8e3qué-

CE,CD;DE funt rationalesnumeri, Bty
ergo ; 47. 1.. CEq.. zquale ipfis CDq. pl.:
Dﬁq. Nimirdm' quadratgs humerus 235+
cujusradix.eft CB , ideft 15- zquabitur ip=
fisnumeris quadratis 8% pl. 144, . - _
Qo E.F" L T . . .___;
_ . 3« Arque binc facile erit invenive duos.
numeros quadratos » quorum exveffas ‘fit
quadratws, el nots quadratus : Nenspé ex'
eadem. conflruiFiane o erit. CBq. minas.
CDyq. aquale ipfi DEg.. . ..
Qudd fi AD-, & DB. fint numeri plani
diflimiles; nonrerit DE , madia propartio-
nalis . numeras rationalis ; proindéque s

e - TT——

guadratoruin.‘exgeffus non:. eri¢ numerus,

quadratus..- - e
. 4. Duos.-numeros quadratos: (B,C)
Tnoenird, itaut compofitas exipfis( D) won:
.
T A3 Bg. €36 Dgs,
B‘S?me.nameme;@ qu%ml.islchg, pedratum:
B \fitque C aqualis 4.8, &fir D = ‘
1p£§‘s_B'pl'. C. ‘Dicd,ﬁ&ux,n + Na -gg};ﬂk'{-.
L eft quadratus ; atqui’,.confr. eft B'ad G,
ut 1.2d 4. pempé ut quadratus ad quadr,
Ergo, (24.8.‘)‘, C eft etiamquadratos:. Sed
quoniam’cft'B'pl: € ad'C, hoceft D'ad’C,.
ut 5. ad4.. qui- non: funt ;. ut pum: quade.
ad'quadr.. ; ideircd non eric. D numerus.
qpadratus.. 'Q, E: D.. : :
o §s. Quas

—

——
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5. Duadratum nwmerum (A) divide~
rein dnos numeros (8, C) mon quadratos .

A 360 B 240 C 12.
D73 E 2, F

Sit A numerus quivis quadratus . Acci-
pe D.E. E-numeros ‘planos. diffimiles .
Sitque D zqualis E pl. F. & fac, ut Dad E,
it3 Aad B,atqueue Dad F itd AadC 3
dico fatum. Nam, confir. eft Dad E, ut
AadB, atque Dad Fut A adC 5 ergo,
invert. & 24. 5. ¢ invert. eft D ad E pL.F,
ut A ad Bpl- C. atqui D, & E pl. F 2qui-
tur fibi mutud; Ergo, 14. 5. #3uabuntor
fibi A,&Bp!.C . Jam fi dixeris B cffe
.quadratum;ergo, 21-defe 7. A, & B, 2
‘proind¢’, 26. 8: D, & B funt numeri plane
fimiles, contra brp. idemque abfurdum fe-
quetur, fi C dicatur quadratus ; adedque
B, C non funt quadrati - Q. E-F.

INVENTIO LINEARVM,
Ex quarsm compofitione vel divi=
o ﬁZne, srigntur omues Irratio=

males o

PROPGSITIO XXVIE

lemire Medias (C;, D) potentia tan~

13m commenfurabiles ) qua Ratiovsle:

(CDY contineanry.. .
Emanmr’ lemw:. ad'22.10. dun ratio=-

nales A, B, potentiatantim comng‘\'l"eﬁlr;k
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_ hiles, &fiat13.6.utAad G ,itaCad s,
atque tum fiat, 12.6.ut Aad B, iti C ad

"D ; Dico faltum.
Quoniamenim A » B, funt Rationales
pot. folum comment., erit, 22.10. AB, It~
. rationale Mediuwm : quod, quia, 17. 64 po-
‘teft linea C 3 erit C, Media. Quoniam
verd et comfir. Aad B, ut C,ad D, & A,
B, funt pot. tantdm.commen(,, erunt quo=
- que, 10. 10, C,D, pot. tantiim commen(:

‘atqui, ueprius, C, Mediaefl; ergo, 24.10. .

eriam D, Media eric . Demum, quoniam,

" conflr. & invers.éft B,ad A ,uct D,ad C 5

_erity abzern. B,ad D, ut A, ad C,quz {unt,

conftr. ucC, ad B ; adedq; Cad B, ut B.ad

. Aj; €rgo,17.6. Bq. [quod, ut poté factym

- arationali B, Rationale eft) zquabitur ipfi

' CD; ac proindé Mediz C , D 4 Rationale
. comprehendent.  Q.E. F. ,

: PROPOSITIO XXiX-

" ¥ N'venive Medias (D, E ) potentia tana
[ tim comwenfurabiles ; que Medium
(DE) contineant, . : .

Exponantur, lewm. ad 22. 10. tres ratio-
nales’A; B, C, pot. tancijut comment. cum

. fa,,12.6, A ad D,ut D ad B, atque tum,
12. 6. fiat, 0 B;ad G, itd Dy ad E ; Dica

tadem.

Nam, confir, &’22. 1e. AB, eft Irratio- -

-: »sale Medium : atqui, 17.6. ®quantur AB,
h "".& D‘l‘ “KQ_ D’. Mcdladtn' SCdCH 3 ‘oBW"
(=T 2
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' o ‘« Zi&ﬂ' x- , 3 -ii
. B 3 '&.C sut D Y ad E ’ atque, tﬂ.ﬁ". B,c
fimt rationales pot. tantim coment. ergo »
‘20,10, érunt etiam D, E pot. folim com-
.mmenf, atqui , us prius , D eft Media; ergo
refiam, 24. 10. ipfa Emediaeft . Demum,
. quoniain, byp. ¢ inverr.eft Cad B, utB
-ad D erit, alretn, Cad E;utBad D, qua
funk, confirs &5 invess, m D ad A ; ergo
erit y 1.5 . Dad A,utCadEg aédesqpe,
-16.6. zquabuntur DE,& AC : atqti 22. 10,
-AC, utpotécontentum fub rationalibise
pot. tantiim commen {. eft Irrationale M-
dium ; ergo & DE, Mediuny eric.

PROPOSITIO XXX.

. X Nvenire. duas Rationales (AB. AF)
<A potentia tantim commenfurabiles , ir
. st major ( AB) plus poffit , quam minor
(AF) Zuadrato refiz lince (BF) longitns

. dine fibi commenfurabilis . o
Exponatur Rationalis AB,.fum, 3.lemms
. md Praxim bancy {ume CD, CE , numeres
squadratos , itaut CD, minds CE, non fit

~ quadratus : tum, 2.lemm. ad 11. 10. fiat,uc

r

GDadDE,\ti ABg. ad AFg.atque incir~

“zulo ,_cujud Diameter fit AB aptetur AF 5

, ducacurq; BF; Dico falum. = = =
Nam, conftr, eft ABq- ad AFq. ut CDad

" CE 3 Crgos 6.10. ABq. & AFq. funt fibi

_ mutud commenfurabilia: fed ABq. Al
ex gationali , Ratiqnale.cft ; go,cHiam,

aaanid §
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_ Schol, 12,10. AFq. eft Rariomale, ac proin-
, d¢ AF eft Rationalis r Atqui ABg.ad AFq.
.eft , conffr. ut CD numerus quadratas od !
. CE non quadratum 3 ergo, 9.10. AB, & |
. AF funtlpngit. incommen{: quamvis fint |
_pot. commenf. & Rnles . Catenim, 31« 3./
& 47:1.* ABq-=zquaturipfis AFq. pl: Bbg.
_atqui , terifrr. elt ABq. ad AFq. ut CDrad |
JED : ergo erit), .convers. ABq. ad: BFq.
.ut CD ad CE, nempt ur numerus quadra- -
fus ad quadraram : adedqne, g.10. AB, &
BF ,funt fibi Jongit. commenfurabiles «

PROPOSITIO XXXL

Nvenire duas Rationales ( AB, AF )|
& pottutia tantim commenfurabiles-, ita|
sut major ( AB) .plus poffit anam tnimor|
(AF) quadratoreile linee { BF ) [ibi lon=.
-gitudine incommenfurabilis .. A
Exponatur AB, Rationalis, tum, 4. lemw,!
. #d Praxim bans, fame numeros CE , ED,|
- quadratos, itaut ex ipfis compofitus CD fit/!
.monquadratys : fiarque in reliquis , ut i,
:precedentis Dico fa®um. —~ =~
- -Quippé cadem. erit hic demonftratio,:
< quein precedenti ; ad eoq; AR, AF erumt
tauonalcs,por.:fbhfm commenf. Ttéqsetit,
'eoiivérs. ABg: ad BFq.ut CD. ad ED: quo-
inlamergo GDreft numerus non quadratus;
s érant:preiride 9. fo. AB, BF, longit. fibt
Jmgommenfutabilesy . Q BiF .
SO PRO: ’r
]
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::i\_:;' 'PROPOSITIO XXXII

”;‘: Nuetire duis Medias (C, D) potentia
; s & tantins commenfurabiles, qua Rationa.

13 {C D) comtineant, ita ut major (C) plns
1k POfR qudms yminor(D)quadratoree linee,
i (1% longirudine tommenfurabilis, = =
# . -Inveniantur, $o. 10. duz Rationales A,
it B, pot.tancim bi commenfurabiles, itius-
* A major plus poflit, quim B minor, qua~
¢ dratoline= , long. fibicommenf. fiatque,
13.6. Aad C ut Cad B, atque tum fiat, -
‘12.6.ut A ad B, itaCad D; Dico #&ums..
Nam,confir, A, B, fane rationales pot..
tantim commenfurabiles ; adedque,22. 10
(F] AB lirationdle eft, & reda C, qua, confr.
M U 17.6. ipfumpoteft , Media et : atqui,
n confins eft Aad B, ut Cad D,aique A, &
e . f2nt b1 pet.tantiim tommenf; ergo ctia,

" 10, 10, C& D erunt fibi pot. rantim com=
menls : atqui C, u? prius, Media eft 5 ergo,
%, 24+ 10, cttam D Media erit » Deindé, quo~
Eﬂ‘ piam, confir, & inverr, eft Bad A, ut D 2d
Dn C, & aliern. Bad D>ut A ad C, quz funt
¥ confir.ut Cad B ; ergoy 11. 5+ erit Cad B,

. ut B ad Dj adedque,17.6. CD zquaturisis
¥ Bg. quod utporé contentum fub B rationa~
# 1i, Rationale eft. ; ergo etiam CD ratio-
# pale erit. Demum, quoniam, confir. eft A
¥ ad B,utCad D, atque poreft A plufquam
% B,quadrato linez, long.fibi commenf. po~
) it ctiam, 15 10. C plufquam D, qua-

drato

'.

i o
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drato linez , long. fibi commenfurab, ]

- PROPOSITIO XXXIIL : !
Noenire duas Medias (D, .Ej potentia * |

(DE) contincant , ita stmajor (D) plus 1
poffit + qudm minor (E) quadrato rele lis
nea [ibi Jongitudine commenfurabilis . '
Invepiantur , 30. 10- duz rationales A, - )
C, pot.tantim commenf. itiut A plus pof~ ' !
fit, quim C quadrato linez,(ibi long.com= . |{
menf: tam , lemm, ad 32. 10, INvenfatuc |t
alia B, utrigue A , & C pot. folim com=
menf. tum fiat , 13.6. AadD, utDad B, " r
fiatque tandem, 12,6, utDad B, iti C ad -t
E; Dico fattum .« : B
. Quoniam enim, ¢onfir. A, & C funtra- |
tionales, atque B commenfurabilis eft pot.
iplis A, & C; erit, Schol. 12.16. B rationa= -
" Its: arqui A, & C funt , confir. pot. tantim ~ l
commenfurabiles , ergo 22. 10. AC, hoe
eft, confir. & 16, 6. lgq erit Medium , ac
proinde linea D media erit » Quia vero, '
sonftr. & alsern, eft Aad C,utDad E, at-* {%
que,u? priusy; A, & C fint pot.tantiim com= -
menf. erunt, 10.10. etiam D, & E pot. tan- I;:
tim commenf. atqui,u: prius, D mediaeft; &
€rgo, 24. 1o0. etiam E mediaerit. Porro
quoniam, s prizs, B commenfurabilis et 4
pot-ipfis A,& C rationalibus, 2dedqg;22.10, - |t
BC medium ft 5 erit cgiam mediem ipfum

DE, ]{k
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DE, qmgpé CUi 5 conftr, & 16.6. aquatur
1pfum BC, (fiquidem, us prius, et A2d C,
utD ad E) . Demum,quoniam, s priss,eft
AadC,ut D ad E, poteft autem, conffr, A -
plufquam C quadraco linez fibi long. c6-~
en{, potericetiam , 15. 10. D plufquam -
E?,uadra;_p linea fibi long.comm. ‘Q.E.F. -
b»SCHOL. Sin verd inveniendz lintduz -
D, E pot. tantiim commen{ quz medium -
cotineant,itaut D plas poffit, quam E qua- -
drato linex long. fibi Incommenfurabilis; res
periauitur ,31. 10- A , & G rationales pot,
tantim commen; itaut A plus poflit quim
C quadrato linez fibi long. incomm. Atq; -
torn , lemm. ad 22. 10. inveniatur alia B, -
utrique A > C pot, tantim-commenf. & de
reliquo tamin conftruendo , quim in de- -
monftrando fiat ut prius « :

PROPOSITIO XXXIV.

Nwenire duas reflas lineas (4G , BG) °
potentia incommenfurabiles , que. fa
ciant compofitum quidem ex ipfarum qua=
dratis Rationale o veangulam verd- [ub -
ipfis contentumsy Medisn, -~ -
Reperiantur,31. 10, AB, CD rationalis .
pot. tantiim cominenf, itaut AB plus pof- .
fit quim CD quadrato linez fibi long. in-
conum. tiibifcca CD in E, & applica, 28.6.
foper AB re@ang. AFB deficiens fig.FEq.
tor fuper AB diametrum fiat femicirculus,
& erige perpendicul.FG,& ducantnr AGs
BG ; Dico factum » Quo-
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-Quoniam enim, 8. & 16.6. zquantur Gibi
mutud BAF,& AGq. uti & ABF, & GBg;
idcirco erit AGq.ad GBg.,7. 5. ut BAF
ad ABF , quz funt, 1.6.ut AF ad FB: at-
qui, confir. @ 19, 10. AF, & FB- funt fibi
long- incommenfurabiles 3 ergo etiam, 1o,
10. incommenfurabilia {ibi mutud erunt
AGq. & GBq. adesque, 4. def. 10. AG, &
&B funt fibi pot. incommenf. Quohiam
veré ABq. .quod, utpoté ex rationali AB,
rationale eft, zquatur, 31:3. 6 47- 1. iplis.
AGgq: plus GBq; idcirco Compofiti AGg. - |
pl. GBq. Rationaleerit . Demum, quo-
niam, 21.3. atque 8, &5 17.6. FGq. =xquatut
- ipfi AEB, cui,conftr. 2quatur ipfum CEgq.
ided zquantur GF, & CE ; adedque ra-
&angulom fub tota CD, & AB, (quod,
conftr, €922, 10, Medivm eft ) zquatur
duobus retangulis fub FG,& AB;hoc eft,
8. & 16.:6. duobus sectangulis:fub AG & |
GB; adedque, cor.24. 10. re@angulum fub

PROPOSITIO XXXV.

\

{

|

lenire dwas deBlas bineas [ 4G GB-

L potentia_ incommenfurabiles; que fa=

crant compofitum quidem ex ipfarum qua |

dratis Mediumy vectangulum verd, fub ips |

[fis contentum, Rationale |

" Reperiy32.1¢. duss Medias AB, CD fot. |

tanttim comr.tnenf. quaz Raticnale gontine-

Tty izauc AB plus poflit, quim { D, qua~
_drato

P

e~
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.drato linez fibi long. incommenf. fiantqy
réliqua ut in precedenti ; Dico faCtum.

- Quippe erum fimiliter, ws prins, AG, &
&B potentiaincomment. Quinimé.come
pofitum AGq. pl. GBq. Medium erit,ut-
potés31-3-F 47. 1 equale ipfi ABq.quod,
ranquam ex Media AB,. medium eft . Icd
fimiliter oftendemus re¢tangulum fub-ABy

.& CD, quod, -¢x<on/tr. ratzongle eft , du-

plam efie fe@anguli-fub AB, & FG, hoc
oft reGangulifub AG, & GB; adedque &
_hoc Rationale efle . Q.E.F,

“PROPOSITIO XXXVI

\I Nvénire doas.velfas lineas (4G, G8)
potentia incommenfurabiles que fu<
cianty-¢&r Compofitum ex ipfarum quadra=

tis Medinng, & velangulum [nb 1pfis con~

tentum 5 Mediwm:, incommen([urabilegng
.compofito ex ipfarnm quadratis .

- Repetiancur, 23 10. duz Mediz AB,
€D, quz Mcdium contineant, potencia ti-
tiim commenfurabiles, ‘itiut AB plus pof-
fit quim:CD quadrato line= £ibi long. ins

.comm, & reliqua fiant , at in 34. bups 5
Dico faltomr »’ i T '

~.Quippé erunt finiiliter AG, GB potens

tia {ibi tncommenfurabiles , fimilicerque,
ut priusy compofitum AGq. pl. GBq. Me-
dium eri¢ . Ttd pariter oftendemos , re-

" .&angulum fub AB,CD, quod , exconfir.
" Meduumett, duplﬁm efle :cé'tang};‘l;3 fub
b >
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AB, & FG, hoc eft re@anguli fub AG, &
GB; adedque & hoc Medium effe . De-
mum, quoniam, conftr. ABeft lonf. inco-
menf. ipfi CD, quz , utpoté dupla ipfius
CE, cft ipfi long:commenf. idcircd,13-10.
AB, & CE erunt fibi long. incommenf..
atqui, #r1n34. buj zquantur CE, & FG ;

Ergo . N
(ABad CE [1.2.]
e b i ABg.ad Algc du&gm in CE(us
~qu. he prinsy & 7.5
Rguoncs s ABg.ad AB du?tum in FG (ut
| prius, & 7.5.)
-+ ‘(ABq.ad AG dutumin GB .

* atqui, u1 prius, AB, & CE funt fibi long.

iricqmm._Ergo, 13.10. etiam ABq. inco~
&nﬁuqbtlﬁ _eF(t reangulo fub AG, &

* +SCHOL. Invenire duas Medias lon=
Litudine, ¢ potentia incommenfurabiles .
Sume, ut.in precedenti , tetam AB quz

- poffit compofitum AGq. pl. GBq. fitque
compofitum Medium, & retangulum-

fub AG, & GB fit quogue medium , & in-
commenf. ipfi AGq. pl. G Bq. fumaturque
media proportionalis inter AGs& GB, ni~
mirum linea potens hoc rectangulum ; di-
co fatum . . Namf; linea potens compofi-
tum AGq. pl.GBq. effet commenfurabilis
potentia lincz potenti retangulii fub AG,
& GB; effent fibi commenfurabilia cerii~
pofitum ex quadratis, & rectapgulum, c6~.
tra confir. Ergo hz duz reftz, potentes
o media,
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- media; mediz fiunt, & fibi pot.incomméf,

LEMMATA.

1. LEMMA (4ad 39, bujus ) Quod fub
linea ratianali (AB) & irrationali (BC)
continetur retangulum ( BD) eft lrra-
tionale . : <o

Nam fi cflet rationale , faceret, 21. 10,
ad rationalem AB applicatum latitudinem
BC rationalem, contr. byp, : ‘
fecetur zqualuer (in C) & inequaliter (in
D ) atque tumaliter dividatur inzqualiter
(in E) propius punéto bife@ionisy -

Dico 1. AEB majuseffc,quimi ADB.
Nam, 5.2 AEB Zquatur ipfi CBq. minds
CEq. ficut1 ADB zquatur ipfi CBq. minus
CDq. atqui CDgq. majus eft , quim CEq~
Ergo é\gB majus eft , quam ADB. .

¢ Di'co z.. Effe ADq. pl.DBq.majus, u.’mi
AEq. pl.EBq. Nam, 4. 2. compofitum
ADq. pl-DBq. pl.2. ADB zquatutipfi

" ABg¢. Cui zquatur compofitum AEq. ple

£Bq. pl.2. AEB.atqui, st prius, 2, AEB
maj. funt,quim 2. ADB . Ergo compofi~

- tum ADq. pl-D-l;;ln majuscft quim AEg.

pl.EBq. Q.E
Dico 3. Exceflum quo Compofitum
ADq.pl. DBq.fuperat Compofitum AEq-
pl. EBq. 2quari exceflui quo duo AEB fu-
perant 2,,ADB . quz quidem patemt ¢x 4,2.
. K2 3. LEM~
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‘3. LEMMA (ad preximé [equens lemma) ‘
viie figur. prop. przcedentis .

Si reflalivea (AB) fefla fit utcunge
(in F) re€langulum [ub partibus conmtentié
ef8 mediwm proportionale inser earums qua-
drata. Item vellangulum Jub tota , o
nna parte -¢ft medium proportionale inter
quadratums totins , r quadratum ejufdem
parti . *

Nam, 8.¢ 4.6.clt AFadBG, ut FGad
FB; Ergo, 22.6. eft AFq. ad FGq. ut
FGq: ad FBq. hoceft , 17.6. & 7.5. erit
ABq: ad BAF.ut BAF.ad AFq. Q.E.D.

4 LEMMA ( #d 55.bujus).

© §it(AD) rellangulm, cwius xnwm la=
tus (AC) fecetur magnaliter (in F); Life~
Elmque [it fegmentums minxs ( EC in F)
atque ad majus fegmentum ( AE) fiat rea
8angulum AG E aqnale spfi E F q. perque
G, B, F ducantwr 4d AB parallele GH ,
El, FX : Fiat autem quadratum LM
equalerellangulo AH , atque ad OM P
prodvifam fiat quadratum MN equale
"a"g“lo 0[, Tfﬂcque LOS, LQT’
NRS, NPT producantur .

Dicoprimo MS ; MT cfie retangula
nam ob quadratorii angulosOMQ , RMP
redtos ; erit, Schol. 15.1. QMR rcéla linea;
€180, 13-1, anguli RMO, QMP redti funt,

T adeoqueé
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adedque pgra MS, & MT funt reQanguls.
2. Hinc, 2.4». 1. LS, 8 LT zquantur ,
adeoque LN. eft quadratum..
.3+ Hinc ctiamreftangula SM,MT, EK,
FD =qualia funt ;- Nam,quia AGE, conffr.
zquatur ipfi EFq. erit, 17.6. AG ad EF,ut
E(i: ad GE ,adcoqué, 1. 6. erit AH ad EK,
ut EK ad Gl ;- ac proindé, conflr. & 7-<.
erit LM ad EK; ut ER ad MN: atqui lemw.
preced. eft LM ad'SM, e SM- ad MN ;er-
£059-5: EK;adeoqué;36. 1-ipfum FD 2qua-
‘t&gf ipfi SMy cul, 43. 1. zquatus ipfum
4+ Hinc, 2. ax.1. LN zquatar toti AD.
5. Him:,;nia EC bifcéta eft in F; crunt,
! C, EC fibi long. comincnfu=
xabilesx
- 6+ Hinc demum , fi AE, & EC f{int pot.
fibicommenf. & AE plus poffic gnim EC
uadrato linez fibi long. commenfurabi-
liss erunft..'(AG » GE, AE fibi }_bngétgd.
commenf-(quippé quartz parti ipfius ECq.
hoc eft ipfi EFg.. zquale pgrum AGE
applicatum cft, deficiens figure quadratay
adeoque,- 18.10. Ac" &G 3, ac. Pmi‘ﬂe.
16. 10.. AG, GE, AE funt fibi long. com-
menfl Q.;ia verd.cft, 1.6. AGad GE , ut
AHad GI 5 erunt,. 10. 10. etiam AH , &
Gl, hoocelt LM's- & MN fibi commenfu-
rabilia . Sin verd AE plus poflit, quim
EC quadrato linez fibi long. incommenf.
oftenderut fimiliter ex 19. & 17. 10. AG,
GE, & -AE efft fibi long.incomm. atq;L M,
& MN cflz Gbi incommenfurabilia . - -
.. K3 GENE-
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"GENESIS LINEARVM
"IRRATIONALIVM »

© Per Compefitionem.

PROPOSITIO XXXVIL

I due rationales (4B, BC) potentia

D tantim commenfurabiles componan

tur; tota (AC) Irrationalis eff, que voca«
" tur Binomium . . :

- Nam, 1.6. ¢t ABad BC ,ut ABC; ad
BCq. atque,bys. AB, & BC funtfibi long.
incommenfurabiles ; Ergo, 10. To. etiam
BCq. eft incommenfurabile ipi ABC,
adeoque & duobus ABC : fed funt aliis,
byp. fibi commenfurabilia ABg. & BCq.
adeoqué, 16.10. ABq.pl. BC4.commen=~
furabile eft ipfi BCq.; Ergo, 17-10. ABq.
pl-BCq. incommenf.eft toti ABq. pl.BCq.
pl-2. ABC, hoceft {4.2.) ipfi ACq. atqui -
ABgq. pl. BCq. rationale eft , utpeté com-
men{.ipfi ABq. rationali ; Ergo, 10.42f. 10.
ACq. rationale erit ; atque aded recta AC
etit Irrationalis+ Q- E.D.

. .PROPOSITIO XXXVIIL

I dug Medie (AB, BCY potextia-tans
) tim commenfuvabiles componantur 5
que rationale contineant, tota (AC) Irra«
tionalis eft 3 Vocetur autem prima ex binis.
© mediis, five prima Bimedialis . -~ -
.. - . B Nam’
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Nam 1.6. eft AB ad BC, ut. ABC ad
- BCq. atque, byp: AB,8& BC funt fibi long.

"incommenfurabiles ; Ergo, 10. 10, etiam-

. BCq. eft incommenfurabile ipfi ABC,
adedque & duobus ABC : fed funt alids ,
byp. fibi commenfurabilia ABq. & BCq..
© adedque, 16.10. ABq. pl. BCq. commen-

- furabile eft ipfi BCq. Ergo, 17. 10. totum
ABq.pl. BCq. pl. 2, ABC, hoc eft, 4.2¢
tpfum ACq. incommen. eft duobus ABC,
adeoqué, 12.10. & unt ABC : atqui s brpe
‘ABC rationale elt ; ergo,10-defi10. ACq.
irrationale erit; atque adeo recta AC eric
irratiomalis. Q.E.D.

PROPOSITIO XXXIX.

I due Mediz (AB, BC) potentia tan
D tim commenfurabiles componantur,
que medium contineant 3 tota (AC) Ir~.
rationalis- cft 5 Focetur antem fecunda
Bimedialis . o
- Ad expofitam rationalem DE applice-
tur retangulum DF aquale ipfi ACq. &
re&angulu DG zqualeipfis ABq. pl.BCq.
erit, 4-2. & 3.4+, 1. HE zquale 2. ABC .
Quoniam ergo, H{p. ABq. & BCq. funt
fibt commenfurabilia ; erit, 16.10. ABq.
cominenfurabile toti ABq. pl. BCq. hoc
eft ipfi DG ; atqui ABq.6yp. medium éft;
ergo, 24. 10 DG medium erit : Ird etiam,
- quoniam, byp. ABC Mediumeft ; erit 24.
10« ctiarm medium ejus duplum, ‘nempée 2«
(S K 4 R AB("
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ABC. ,MCR""’M,HFO Qui. mo
Mcdia DG, & HF applicantur. ad rationa.
lem DE s idcircds 23-10: corom lacitudis
nes EG, GF, erunt rationales, & long, ine
commenf.ipfi DE .. Rurfus,quoniam, 1.6.
eft AB ad BC, ut ABg. ad ABC : arque ,
byp. AB, & BC funt fibi lang- incommen-
furabiles ; erunt etiam, 10: 10. fibi incom=
menfurabilia ABq. 8 ABC: acqui,us prixs,
ABq. comment. eftipfiDG, uti & ABC
ipfius duplo.HF ;.ergo, 13.10. incommen-
furabilia.Gibi erunt DG, & HF ; adedque-
etiam, 10.10. EG, & GF 5 quippé, 1.6.eft
DG ad HF, ut EGad GF: Atqui,#s prius,
EG, & GF, funs rationales; crgo, 37. 10
tota EE Irrationalis.eft ;. adeoqué, .Ldermm.
preeced. totum DF 5. utporé contentum fub -
rationali DB, & Irrationali EF eft isratio~-

pale ; ac proindé recta AC ‘ipfum potens.

iﬁ.hrational'isf. Q}i D.. |
PROPOSITIO XXXX.

1 dne refle livee ( AB, BC potentia

incommenfuvabiles componantur qna
Juciant compofitams: quidem ex ipfarum
guadratis rationale:, quod antem [ab ipfis
continetur; Medium ; tota reils (AC) Le=
vaiionalisefl 5 Vocetur antem Major o .
Quoniam, byp. ABC medinn eft ; ergos
¢o7.24. 10- etiam cjus duplum , bocefl 3.
ABC medium erit, adedqs irrationale, as=
qui, 577« ABq. pl. BCq. eft rationale 5 , B~
£90»
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£0;10.def-10. totum ABq:fl.BCq.incom-
menf ef} ipfis 2. ABC'; adeoqué, 17. 10.
totum compofitum. ABq.. pl. BCq. pl. 2.

- ABC 5 hoceft, 4. 2..ipfum- ACq. incom-

menfurabile eft ipti: ABq, pl. BCg., quod ,
ut prius, cft rationale; ac proinde, 10.def.
10. ACq. eftirrationale, adedq; re@a A
ipfum potens eft [rrationalis. Q. E. Ds

: PROPOSITIO XXXXIL

‘ SI due refla linek (AR , BC). potentia
incommenfurabiles componantur, qis

JSaciant. compofitum. quidem. ex: ipfavum

quadratis medium:,. quod antem: [ub ipfis

continetur- ,, Ra:ionale ;5 tota refla linea
( AC). Irrationalis erit; vocetur autem ra~
-tionnle; ac medrum. polens:.

Nam, ut pnisoftenfumeft, totix ABge
pl: CBq. qued , 5yp. Medium eft , ac pro-
indditrationale, com' nfurabile eft uni
ABC, quod‘, Hyp- Rationaleett 5 atqui,
byp.8 16.10. ABy. commenfieft toti ABq.
pl.BCq. quod, ueprius incommen. eft uni
-ABC,, quod; 16. 1.. commen{. eft dusbus.
ABC 5. quz, byp. fimul fampta. Rationate
conftituunts Ergo,17.10. & 11 def. 10,
"ACq. eft Irrationale , adedque AC Itra-
tionaliserit . Q. Ev D

K s' PRO-
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PROPOSITIO XXXXIL

Q1 due refla linee ( AB, BC) pétentia
' incommenfurabiles componantur, qua

faciant & compofitum ex ipfarum qua~ -

‘dratis Mediym, & quod fub ipfis contine=
tur, Medium, incommenfurabileque com=
pofito ex quadratis ipfarum ; tota velth li~
nea ( AC) Irrasionalis eft 5 ¥V occtur au=

. tem bina media potens ..

. Ad expofitam rationalem DE applice-
‘turreCtangulum DF 2qusleipfi ACﬂ- &
re@angulu DG zqualeipfis ABq. pl.BCq.
erit, 4.2. & 3.4x.1. HF zquale 2. ABC.".
Quoniam ergo tam ABq. pl. BCq-hoceft
DG, quim 2 ABC, hoceft HF ; Medium
eft 5 Siapplicentur ad DE rationalem;

-facient, 23.10. latitudines EG, GF ratio-

nales, & long.incommenfurabilesipfi DE. -

Rurfus, quoniam,byp. DG cff incommen=
furabile ipfi HF, & 1.6* eft DG ad HF, ut
ECad GE ; erunt, 10.10. etiam EG, GF
fibi long. incommenfurabiles , quz ramen
funt oftenfz rationales 5. adeoqué fibi fal-
tem pot. commen{arabiles; Brgo, 37. 10e

tota EF eft Irrationalis 3 adedque 5 1. femse.

praced. re&angulym DE contenrum fub ra-

tionali DE,& irrationali EF,eft irrationa~-

fe; adzog; ACq.quod ipfi DF 2quatur, eft

_

irrationale, ac proindé reta AC, quz ip~ -

fom poteft , eft Irrationalis .« Q_EbD.

-

E .
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‘DE SECTIONE LINEARVM
IRRATIONALIVM,
Genitarum per Compofitionems ,

'PROPOSITIO XXXXIIL
XY Inomiuns (AB) ad wnum dumtaxar
punélum dividitur in nomina .

- Secetur , fi fieri poteft , Binomium AB
-tamin C, quiminD ; ergo utrobique fe-

- cabitur inzqualiter ; fiquide, 37.10. no-

mina AC, & CB funt fibi long. incom-
.menfurabilia , ficuti & ipfa AD, DB : at-
qui, 4.2. torum ACq. pl. CBq. pl.a. ACB
@quatur ip{i-A Bq. cui zquatur totum ADq.
Pl- DBqO p1.2- ADB H Ergo,z.lf”m;?"‘cfdc
exceffus, quo quadrara ACq. pl. CBq. mi-
nora funt quadratis ADg. pl. DBq. zqua-~
tur excefful, quo re@angula 2. ADB mino-
ga funt, quim 2. ACB: Quoniam vers
guadratorum exceffus rationalis ¢ (nany,
37.10.ipfz AC, CB, AD, DB rationales
effe debent , adedque & rationalia ipfa
ACq. CBq. ADg. DBq. ac proindé etiain
rationalia 1pfa ACq. pl. CBq. & ADg.pl.
DBaq. ; rationale vero fuperat rationalera-
tionali; ) ergo etiam exceffus rectangu-
lorum effet rationalis ; quod fieri nequit ;
fiquidem, 37. 10.,tam AC, & CB’ quim
‘AB, % DB funt fibi long. incommenf.
adedque , 22. 10. tam ACB, qudm ADB"

- Medigmeft; Medium verd , 27, 10- non
Ke fi

upe-
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748 Elem. Enclidis - ) ‘
fuperac medium rationali. Ergo Binomi | "
ad unum dameaxit pun@tum dividitatin. | j
mmin‘i Q_Eo D. Lo

PROPOSITIO XXXXIV.

l{
LM

Blmdialis prima.(AB) ad xnum dems d B

R taxar panilum. (C) dividiturin:nb=-
- Puw AB dividi inr alia nomina: D¢ |
D B: Quoniam ergo,38.10-quadrata Akq. | y
pl- CBy.uti & ADg. p). DBq. funt media, |,
& retangula ACB; ADB, adeogue; & 1p-- |
t
b
]
l
[

forum dupla 2.. ACB', 2. ADB funt ratio-
nalia, ac proindé eorum excefius eff-ratio-
nalis, atque;us prins, exeellis quo 2. ADB
minora funt; quam 2. ACB, aquatut ex-
.ceffui; quo A&i.) pl. CBg. minora fumt,
quim ADq pl.DRBq. crgo effet etiamra- |
tionalis cxceflus quadtatorum.. Quod,27. !
10. fieri mequit » Ergo Bimedialis prima.
ad unum dumtaxat pun@um , &c.

.- .

|
PKOPOSITIO XXXXV. 3

Imedialis fecunda ( AB) ad nnum
dumtaxat punétam dividiturin nos
- mina. S
Puta AB diyidi in alia nomina AD,DB:
-atque ad expofitam ritionalem EF fiac re-
-Qangulum EG #quale toti ABq.& fiac EH
S < - aquale |

. §
4 !



) Liber X, 34y
zqualeipfis ACq. pl. CBq. atque tum fiat:
EK #qualeipfis ADq. pl. DBq. ergo, 4. 2+
zquabuntur 2. ACB, & 1G , uti & 2. ADB
& LG. Quoniamergo, 39.10. ACq. %
CRq. funt media ; eric, 16. & 24 10. ctid
Medium. torum ACq. pl. CBq. hoc eft
EH; ergo, 23..10. latitudo FH erit ratio~
mnalis; & long. incommenfurabilis ipfi EF:
- Jaetiam’y 39..10.retangulum ACB me-
dianveft,-adedque; 2. 10--medium etiam
-eftejusduplam , . neitipé 3. ACB ). hoc cft
I1G; ac proindé, 2 3. 10. ipfa-etiamHG. et
- tarfonalis; & lehg. incommenf. ipfi-EF .
Atqui, 1.6. eft EHad 1G,- ut FH-2d HG,
atque, EH, & 1G funtfibi incommenfura-
bilia’; (nam , 39. 10. AC, & CB funt {ibi
long. incommenf.- atque, 1.6. eft AC ad
“CB ut ACq. ad ACB, adeogué, 10.10-
-ACq. & ACB funt fibl'etiam incommen-
furabilia; at vero, 39-10. AC, & CB funt
£ibi faltem pot: commenfurabiles, adeoqs
CHBq. commienfurabile eft ipfi- ACq. ac
proinde, 16.10: totum ACq. pl.CBq.com~
menf. eftuni- ACq. cui', u# prius, eft in+
commenf. ipfum ACB yadedque etiam ip-
fius duplum, nempé 2. ACB'; ac: proindé
ACqg. pl-CBq. & 2, ACB, nimirum EH,
- &1 fuint Tibi incommenfurabilia) Exgo,
10.10. FH, & HG , quiz funt oftenfz ra-
tionales, funt fibi long. incommenf. adeo-
que, 37-10. FH pl. HG, erit Binothiam :
fimilique ratiomeFK pl.KG eric Rinowmniu.
Qupd, 43, 10. fieri nequit - Ergo Bimedia-
lis fecunda ad urym dumtaxat pun}&u &c.

Q.E.D. PRQ-
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. PROPOSITIO XXXXVI.

: Ajor (A B)ad unum dumtaxat pun<
&um (C) dividitur in noming . -
. Dividatur, fi fieri poteft, ABin alia ne-
.mina AD, DB : ergo,40.10.tam 2. ACB,
-quath 2. ADB erunt media, atq;tam ACq,
:pls CBq. quim.ADq. pl. DBq. crunt ratio~
nalia jadeoqué,ut in43. & 44. hujus ofté~
fum e}, excefus,quo 2. ADB majora funt,
qudin 2. ACB, erit racionalis: quod,27.10.
.fleri nequit. .. T )

. PROPOSITIO XXXXVI. |

X)) Atienale, ac Medium potens (AB)
B\ ad unnm dumtaxat punitum (C)
drviditur in nomina .- '
- - Dic inalia nomina AD, DB divifum
-efle; ergo , 41. 10 tam ADg. pl. DBq.
.qudam ACq. pl. CBq. funt media,atque re-
¢tangula ACB, ADB funt rationalia; zqua~
-LUr VEIO, ¥t prins, exceffus reGtangulorum
_exceflui quadratorum ; Esgo etiam qua~
. dratorum exceflus effet rationalis : quod,
27. 10. fieri nequit . -

. PROPOSITIO XXXXVIL
Ina mediapotens( A B) ad unum dume

Y taxat punflum (C) dividitur in no«
ming . ' . Diyi-

SRS

\‘\‘l
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- . Dividatur, fi f. p. etiam in D : atque ad
- exp. rationalem EF fiatre@angulum EG
zquale ipfi ABq. & fiat EH zquale ipfis

+ ACq.pl.CBq. & fiat EKzqualeipfisADqe

pl. DBq. Quoniam ergo s 42. 10, A(
«pl- CBq. ﬁ%EHcﬁ medium ; erit, 3

”

atitudo FH rationalis : itein quia, ,1'2.'- 106 .

2. ACB, hoceft ( 4. 2. & 3.0x.1.) TPt

" tnedium ; erit,23.10. etiam HG ration3liss ~

unt fibi incommenfurabill:;s érunt ctiam
4ibi incommenf. ACyq. pk€@Bq.& 3.ACB,
hoc cft, confir. EH, & If5 : atqui, 1.6. eit
EH ad IG, ut FH adHG ; ergo, 10. 104
-etiam FH, & HG fibidncommenfurabiles,
qua tamen funt oftefife rationales ; ergo,
.37-10. FHG e¢ftBinomium , codemgnre
modo oftendgttr effe Binomium 1pfum
FKG, contra«43-hujus. Ergo binamedia
potens, &c«HQ. B. D- : ,

- DEFINITIONES -

& Secundz.

ia €rgo, 42 10. ACq.:?Bqn & ACB

¥

P ' - Co . it
EX pofita Rationali, & qua ex binis nos,
T I 'minibus,diifain nomina, cu)us ma=

jus somen pluspoffit quim minus ,quas

drato recta linea [ibi longitudine commens o

- Jurabilis, o -
b " "1 Siquidem majus nomen expofite Rasy

-tionali commenfurabile fit longitudiney -

: 'Yoeetur tota ¢x binis nominibus prim{:
o e . i
24!
&
- &
et e

e F



352 Elm, Ekclidis .

2. 8i vé1d minusnonwii expofitz Ratio-
nali longirudine Gt commenfurabiley Yo-
cetur exbinls nomiinibus fecurida. -

- 3. Quod fi neitrim ipfonim nomindm
fit longiwdine commenfarabile ¢
Rationali 3 Vocetor ex: binis nominibus.
tertia . s - :
Rurfus f; majus nomen plus poffit,qudin:
winus, quadrato roEa tinea fibi longitudis
e incammenfirabilis.. a
‘4. Stqnidem majus nomien expofits Ra~.
tionali commenfurabile fit longitudine ;
Vogetur ex binis norinibus quarta.

§- Si verd. minus npaen 5 Vocetur:
quinta.. - B - 1
8 Qudd fi netruimn ipforuni nominuing,
Yocetor feata . - - - o

INVENTIO- BINOMIORVM,

PROPOSFTLO XXXXIX.
I Nuenire ex binis nominibus primens:
(£G). ' ’
Sume, 3.lemm. ad 28, 10. dnos numeros:
quadiatos AB, CB:, guorum exceffiis. AC
non{ic quadratus., & exponatar quzsiam
D rationalis, curfumatur quacanque long.
comnienfurabilis EF, quz proindé ,6.defs
10. erit rationalis : Tum, 3.lewim. ad 11.
1o, fist uc AB, ad AC, ird EFq. FGq. 3 di-
€, EG effe primum Binominom.
C o WNam, confir. & 6. 10.EFq. & FGq. funt
i commrnfugabilia; ergoctiam ipfz’ef.F

ES
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& FG'faltem pot. commenf: erune ¢ acqui,
u+ prius EE eft rationalis 5 ergo & FG r»-
- rionalis etit . Quia verd , ¢confir. cft EFq-

adFGq; ut ABad AC, qui non funt ut
num. quads. ad quadr.; ided , 9. 1e.ipfic
EF; FG'quz funt.oftenfe rationales , funt
fibi long. incommenfurabiles ; adedque,
37+ 10.t0taEG eft Binomium . Dico au-
temn eam effe primam ex Binomiis ; Quo-
niam enim,confr.eft ABad ACut EFq- ad
FGq. & AB major cft, quim AC; eritetia,
14.5. EFq. majus quim FGq.,ut puta qua-
drato linee H.. Sed quiaeft A2 ad AC
utEFq: ad FGq., eric, . comvers. EF ad Hq.
ut AB ad CEnum.quadr, ad quadr.; ergos
9:10. EF & H-func. fibi Iong. commenfu-
rabiles: atqui > «¢:prius EF 1majus’ Binomit
non¢n:eft long. comtnenfurabile ex pofire
sationali D ; crgo, 1.def. ex fecundis LG
eft-primum Binomium. Q. E.[..

PROPOSITIO" L..

Nuenire ( 5G) jecundam ex binis. no=

: munibus .

Sume; 3. lemm. ad 28. 10. duosnumeros:
quadratos AB; CB', quorum exceflus AC
non fit guadtatus:, & exponatur quepiam:.
D tationalis ,.cui fomatur quacungs.long,.
commenfurabilis FG, qua:proindé, 6.. def
0. erit Ravionalis & tum ,.3: femmy, ad 11.-
30. fiar ut AC ad AB, ird FGq- ad EFq..
Dico EG cfle fecundum Binomium.-

- Nam, casfir. & 6: 30, EGq.&EF?bﬁ:nc

i ¢ o S A T o A
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fibicommenfurabilia,ergo etiam ipfe FG,
& EF faltem por, commenfurabtles erunt 5
atquis #1 prius , FG eft rationalis ; ergo&
:EF rattonalis erit . Quiaverd , confir. eft
:F(Gq.ad EFy. ut AC numerus non quadra-
:tus 3d AB quadratuim; ided,9-10. ipfe GB
& EF, quz funt oftenfz rationales, funt {ibi
- long. incomenfurabiles 5 adeoque, 37- ¥o.
tota EG eft Binomium . Dico autem eam
-effe fccundum ex Binomijs : Quonia enim,
.confir. e invers, eft AB ad AC, ut EFg.ad
-FGq.8& AB maj.eft,qua AC; erit etid 1445
EFq. majus qudm F(Gq. ut puta quadrato
Jimez H. Sed quiactt, ur prins ABad AC,

. ut EFq. ad FGq. erit, convers, EFq.ad Hq.

ut AB ad CB, numerus quadratus ad qua~
dératum; Ergo, 9. 10.EF, & H funt fibi
Jong. commenfurabiles ;- atqui, us ofendia
:mus y GF minus Binomii nomen eft long.
comment, expofitz rationali D; ergo, 2.
defeex fecondis , EG eft fccundum Bino-
omam. Q.EF. . .

PROPOSITIO LI

¥ Nuenire (EG) tertiam ex binis nomi =
nibus .

“Sume, 3-lem, ad 28.10. duos numeros
: quadratos AB, CB, quorum exceflus AC

non fitquadratus : cam fumatur I numerus,

" s1onquadratus proximé major , quim CB,

nempée unitate, vel binatio ; & exponatur,
quzpiam D Rationalis , atque 3. lemm.ad.

- 4. 10, fiat ut L ad AB , itd Dq, ad EFqe.&
ut

e —— —

=
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. Liber X, ¢ 233
- ut' AB ad AC,ita EFq.2d GFq. Ergo,s. ...
erunt fibi commenfurabilia Dq. & EPq.&
GFq. at vero, g.10. ipfe linez D , &%F s
uti & ipfe EF, & FG erunt fibi pot.cantiim
eommenf{. atqui EF, ut poté ipfi D expofitz
Rationali commenfurabilis,eft Rationalis;
-ergo etiam FG. rationalis erit ; adedque,
37.10. tora EG eft Binomium .. Dico au-
tem, cam effc tertiam ex Binomiis . Nam,
confir. eft Dq. ad EFq. ut} ad AB, & EFq.
ad GFq. ut AB ad AC; ergoefl , ex wquo
ordin. Dq.ad GFq. ut Iad AC, quiné funt
ot num.quadr. ad quadr. adedque,9. 10. li-
nex D, & GF fun: {ibi long.incom. Atqui,
at prius , eft ABad AC, ut EFq. ad GFg.
& AB majcft,quim AC; ergo, 14.5- EFq.
maj.cft, quim GFq. utpoté quadrato linez
« Czterim, s prias,cft ABad AC, ut
EFq.ad GFq. ergo, eft, converss BFq. ad

Hgq. ut AB ad CB, num. quadr. alquadr.
Ergo, 9.10. EF, & H funt fibi long.comm.
Atqui, wt prius , nevirum Binomit noming
EF,GF eft loug-comm. ipli D;¢rgo,3,def,
-ex fecundis, EG eft tertini Binonit, Q.E.D.

- PROPOSITIO LIL .
INmnirc (EG) quartam ex binis romi=
nibus . |

{ Sume, 'S, lemm, ad 28.10. quemuis nu-
merum quadratum AB, quem divide in
AC, CB non-quadratos , & exponatur
quzpiam D rationalis , cui fumatur reéta
quzcunqgue longitudine commenfugllgxhs'
. o

-
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EF, que proindé, 6.d¢f.10. erit rationalise
tum, 3. lemar, ad 17410« fiatsut A8 ad AC,
itd EFq. ad FGq. Dico EG effc quartum
Bmmomiwm. . L :

Nam; retexendo ordinem przceds de~
monftiationum , erit EFq. majus quim
FGq. ut puta quadrato lince H . atque fi-
militer, commersends; erit EF,ad Hq.ut AB
ac C8, qui, confir, nonfunt ut num. quadre
ad quadr. ad¢oqué,9.10. EF, & H funt fibi
long.incommenfurabiles: atqui, confr. EF
majus Binomii nomen eft long. commen-
furabile cxpofite rationali D 5 ergo,4.defe
10.ex fecundis , EG eft quarcum Binoniit «.
. Q'_!El F.. : .

PROPOSITIO LI

] Nvenire (EG) quintaum ex binis comté=
bus.,

- Sume §.lemps ad 28.. 10. quemvVis nu=~
merum quadratum. A%, cujus, fegricnts
AC, CB non fint numeri quadrati, & ex<
ponawt quepiam D sationalis , cui foma-
tur quazcungpe long.commenfurabilis FG,
quz proindé,6.4ef. 1o. etit rationalis: cum,
3 lemm.ad 11.10. fiat, ut ACad AB,id
FGqiadEFq: Dico; EG effe quintum.
Zinonium.

-. Nam , ut in $o. hojus ,oftendetur EG
effe Sinomimm 1 fed quia , comfir. e inverra
eft A% ad AC utBFq. 4d FGq. & 4B ma
ptett, quam AC 4 etgo, 14. 5« EFq. maje

¢f} quAm FGy. ut puta quadsato I{Enez H.

urfus:.

\
~
A
\

——
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Rarf{us,quoniain,us prias,eft EFq. 2d FGqe
ut ABad AC; ided,comverr. erit EFq.ad Hgq.
ut ABad C38, qui non fint ut num. quadr.
ad quadr.adeoqué, 9.30. EF , & H, fune
fibi long. incommenfisrabiles : atqui, w2
prius, minus Binomii nemen FG eft long.
commenfurabile expofitz rationali D ; er-
80> S-defiex [ecundis, EG cft quinium Bi-
nomium. Q. E.F. ' ,

- PROPOSITIO LIV. ‘
J\Evmirc (EG) fextam ex bLinis nomi=
4s o :

-Sume utcunque numeros AC , CB pri-
‘mos interfe, itaut compofitas ex ipfis non
fit quadratus;tum fume quem vig AUMETYIY
1quadratum, & exponargr qugpiam D ra.
tionalis, atque, 3.lem. ad 13.10. fiatut I ad
AB, itd Dq. ad EFqg. atque, ut ABad AC,
itd EFq.ad GFq. atque,ut faGtum eft in 510
bujus, oftendetur totam EG efle Binomi-
um : Dico autern-, eam effe fextam ex Bi-
‘womiis 5 nam , conflr. eft Dg.2d EFq.ut {
ad AB & EFq. 2d GFq. ut 4B ad AC ;
ergo eft , ex equo »rdin. Dq. ad GFq. ut
1ad AC, quinon funt, ut num . quadr.
ad quadr. adeoqué , 9. 10. linez D, & GF
fume fibi ‘longitud. incommenfurabiles :
atqui , ur prius, eft ABad AC, uc

EFq. ad GFq. & AB ‘major eft, quim
AC; ergo, 14. 5. EFq. majuseft , quim
Fq. ut puta quadrato linez H: Porro
-erat AB 3d AC, ur EFq. ad GFq. ergo,
<onvers, ofl EFg.ad Hq- ut ABad CB,qus

non
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pon funt , ut num. quadr. ad quadr. Ergo,
9.10. EF, & H funt fibi long. incommen-
furabile : atqui, #¢ priss, neutrum Binomii
nominum EF, GF eft long. commenfura-

bile expofitz rationali D ; Eqgo; 6.defiex,

Jecundsis, EG eft fextum Binomium.

DE IRRATIONALIBYVS, .
[ Qua poffunt fpatia citenta [ub rationalis
& fingnlis Binpmiis .

PROPOSIT)O LvV.

SI fpatium (AD) contineatur [ub Ra=
tionali (AB) & primo Binomio (AE
pl. EC) 5iretta linea( OP ) [patium po=
tens ; Irvationalis et , que vocatur Bino~
Mim . - . v \ Y ’

Siquidem adhibito §./emm. preced. linea
OP poteft fratium AD , atque, Hyp- ¢ def.
eritues préiorumm Binomicrum-, AE pluspoteft
quim EC quadrato linez fibi long. com«
menfurabilis , tam in hac propof. quim in
duabus fequentibus ; ergo, cit. lemm. erunt
AG; GE, AE fibi long, commenfurabiles:
atqui, byp.& L.def. ex fecundisy AE eft Ra-
uonalis long. commenfurabilis Rationali
AB; ergo, Schol. 12. 10. AG & GE fune
Raticnales, long. commenfurabiles ipfi
AB ; adedque, 20. 10. rectangula AH, &

G], hoceft. OMq. & MPq. funt Ratiopa~ - -

lia, ac proind¢ rectz OM & MP funt Ra~
.o ftonzles;
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tionales : atqui, byp. e 37. 10. AE, & EC
funt {ibi pot. Lantiin comment. ; ergo , ¢/,
lemm.OM, 8 MP erunt fibi potentia tan-
nim commenf; adedque OP eft Binomia.

Q.E.D..
PROPOSITIO LVI,

: SI Spatium ( AD) contineatur fub Ras.
tionali (.AB) o f[ecundo binomio
(AEpl, EC); refta linea (OP) fpatium
potens, Irvationaliseft , que vocatur. Bie.
medialis prima . e
" - Nam ,adhibito eodem lemm. reta OP.
poteft {patiii AD, atque AG, GE, AE funt
fibi Tong. commenfurabiles, at verd cadé
AE cft pot.tantiim commenf. ipfi EC,qu=,
byp.©® 2.def.ex [ecundis, {t rationalis long.
commenfurabilis ipfi rationali AB; ergo,
Schel. 13.10. AG, & GE funt rationales
pot. tantym cnmmenf. ipfi AB ; adedque,
22. 10. re@tanguia AH, GI,. hoc eft OMgq.
MPq. funt media ; ergo & reGz OM, MP -
funt mediz : atqui, byp. & 38. 10. AE , &
EC fant Gibi pot. tantim commenf. , ergo,
citdemm. OM & MP funt etiam fibi pot.
tantim commenfurabiles: Sed & conti«
nent rationale (Nam EF eft, long. comm. -
ipfi EC, cujuseft dimidia, & EC, ut prius
eft long.commenf. rationali AB, adeoqué,
20. 10. EK , hoc ¢ft SM fivé OMP eft ra-.
tionale), ergo, 38.10. OP eft prima Bime-

dialis « .E.D.
, ise Q FRO-
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PROPOSITIO LVIL

T fpatines (A D) contineatnr fub ras
tionali (A8 ) & tertio Binomio (AE
pl. EC) ; relalinea OP fpatium potens,
Irrationalis eff, que vocatur Bimedialis
Jecands. s
Nam,adhibite-eodem lemm. refta OP
teft fpatium AD, aique AG ,GE , AE
nt fibi long. commenfurabiles , at verd,
byp. & 3.def, ex Jecundis o eadem AE cft
pot. tantim comment. ipfi AB ritionali 3
ergo, Schol. 12, 10. AG & GE font ratio-
males pot. tantim comenf..ipfi AB; adeoqs
22. 10. reGtangula AH,Gl,-hoc et OMgqg.
MPq. fantmedia ; ergo & reétz OM, M
funt mediz : atqui ,-Hyp. & 39.10. AE 8¢
EC funt pet. tanhim comménf. ; .ergo, cir.
lemm. OM, & MP fant ctiarh ﬁzn, pot.tane
tum commenfurabiles : fed & medium
continent.( Nam EF.¢ft long. commenf.
ipfi EC cujus eft dimidia,;& EC, byp. ¢ 3.
dsf.ex [ecundis eft pot. tantim commenfl
ratjonali AB, adeoque, 22. 10 EK hoc
cft SM, fivé OMP cft medium )3 ergo,
39.-10'-:‘:;01’ cftfecunda Bimedialiss

|
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PROPOSITIO LVIIL

Sl [fpatium (A D) contineatur [ub ra<
. tiouals { AB) & quarto binomio (AE

-pl. EC) 5 re@alinea-OP fpatium potens,

Zrrationalis eff, qua vocatur Major
Quippe, adhib to ‘eodé lemm. recta QP

- poteft fpatium AD,& quaniam,byp.&5” defs
_trifa pofferiorum Binews , tatmn hic qudm in
. duabus fequentibus AE plus poteft quim
.ECquadrato linez fibi long. incor menfile

rabilis ;.idcircd, citlemm, erunt AG , GE
fibt long. incommenfurabiles : atqui, 1.6.
eft AG ad GE ut-AH ad GI ; crgo, 10.10-
AH, & GI s hoc et OMq. & MPq. eront
fibi incommenfurabilia , adeéque OM &
MPcrunt fibi pot.incomment.,atqui,Hyys
" qudef.ex [ecundis AE eft rationalis long.

.commenf. rationali AB ; ergo 20. 10. Al

hoc eft OMy- E’l MPq. eft rarionale : fed
P continent medium (Nam
EF eft long, comment. ipfi EC ratipnali,

.cujus cft dimidia, & EC, byp. & 4.def. ex

Jecundis eft pot.tantim commentf: rationali

“AB, adeoqueé, 22.10. EK, hoc eft SM, fi-

vé OMP eft mediym) ergo, 40-10. OPeft
Major. Q.E.D. ‘

PROPOSITIO LIX.

1 [patium A D) contincatur Jub ra~
Lionali (A B) <rquinto binomio (4 %
L Ji2
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pl. EC) ;5 rella linesa OP, fpatium pos
tens, Irvationalis ef}’y que vocatur Ratio
nale ac medium potens. -

Siquidem, utin praecedenti, reta OP
poteft fpatium AD , & AG, GE funtfibi
fong.incomenf;, atqut, 1.6. eft AG ad GE
ut AHad Gl,ergo, 10.10. AH& GI, hoc.
eft' OMq. & MPq. funt fibi incommenf.
adeoque OM, & MP funt {ibi pot. inca-
men{, atqui , byp. ¢ 5.def. ex [ecundis , AE.
eft rationalis long. incommenf. ipfi AB;
€Igo, 22, 10. Al, hoc eft OMgq. pl- MPq.

medium : fed & ipfe OM, & MP con-
continent rationale (Nam EF eft long.ca-
men{. ipfi EC cujus eft dimidia, & EC,
brp. & g def.ex [ecundis eft long-.commenf.
rationali AB, adedque, 20.10. EK, hoceft
SM, fivé OMP eft rationale ; ergos 41.
10. OP ¢ft Irrationalis, quz rationale, ac¢
medium poteft. Q.E. D.

PROPOSITIO LX.

Sl’ Jpatium (A D) contineatur [ub va<
tionali (AB) ¢r fexto binomio (AKE
Pl EC(; reflalinea (OP) [patinum po=
tens , Irrationaliseft, que vocatur Bina<
media potens , ’
" Quippé us prius, reta OP potefl fpatium
AD; atque AG & GE funt fibi long. inc6-
menf, ;atqui, 1.6. eft AG ad GE ut AH
ad GI ; ergo, 10. 10. AH & GI, hoc eft
OMgq. & MPq. erunt fibi incommenfura=-
bilia,
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hilia, adcc‘x'!ue OM, & MP erunt fibi pot..
incomment. : atqui, byp. &' 6.def, ex [ectin
dis, AE eft racionalis long. incommenflipfi
AB ; ergo, 22, 10. Al, eft OMq. pl.
MPq. eft mediam ; fed & ipfea OM & MP
continent medium {(Nam EF eft long. cé-
menf, ipfi EC cujus eft dimidia , & EC,
byp. & 6.def, ex [ecundis eft long. incom-
menf. rationali AB , adeoqué, 22. 10. EK,
boceft SM, fivé OMP eft medium); ergo,
42.10. OP eft Irrationalis, qua bina media
poteft. Q.E.D.

LEMMA
Ad fex proxime fequentes:

- Sitreta AB inzqualiter fe&a inC, fitq;
AC majus fegmentum , & cuivis DE ap-
plicentur retanzula DF, DH, IK zqualia
1pfis ARq. ACq. CBq. fitque LG ‘bifeéta:
xqualiter in M, ducaturque MN paralle-
laadGF. »

Dico 1. Reftang. ACB, & LN, vel MF
zquapi fibj mutud ; Quoniam enim 4. 2.
ABq. zquaturtoti ACq.pl.CBq.pl.2 AC3,
atque , conffro ACq. ipfi DH, uti & CBqy
ipfi IK ®=quatur ;5 zquabuntur, 3.4x.1. etia
2ACB, & LF ,adeoqué unum ACB, &
LN, quod, confir, ipfius LF eft dimidium .

Dico 2. Majoremefie DL, quim LG
nam DK, hoc eft ACq.pl.CEq. majuseft,
quimLF, fivé 2 ACB ( fiquidem fe&ta A8
zqualiter in Z ; erunt, 2.lemwe, ad 37.buj.

2 AZB majora QIf m 2 ACB,atque Aqu.
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pl. CBq: majora funt ,cEﬁm 2AZB, fivé

am AZq. pl.ZBq. ) Ergo, edm fit, 1.6.

KadLF ut DL.adLG; erit , 24.5. DL.
masijor, quam LG.

Dico 3. Si AC, & CB fint fibi pot. com-
menf. ; 16- 10. ACq. & CEq. & DK ,.
Lx;c eft ACq. pl. CBq. .fibi conumenfura-

ilia .

.-‘Dico 4. fore DL, & LG long; fibi in-
commenf. Nam., 1.6.¢ft ACadCB, ut
AC » ad«'AQB . SCd, byﬁ- AC’ & CB ﬁll‘l!
ﬁbi?ongit. incomm. , ¢rgo erunt, 10, 10.
etiam fibi incommenf. ACq.& ACB : at~
qui, byp. AC,8& CB funt fibi pot. comméfs
adeoqué ACq. & CBq.funtfibi commenf.
ac proindé, 16.10. ACq. pl. CB eft comm.
i ﬁP:ACq..cux,w prias yeft incomme. ipfum

CBcus funt commenf, 2 ACB ; ergo,
13 10. ACq, pl.CBq. & 2 ACB ;, hog cft
DK, & LF funt fibi incomm. adeoqué,1.6.
& 10.10., etiam DL, & LG.

Dico 5. DL maj.eflfe;quim LG quadra~ .
to line= {ibi long.commenf. Nam,1.6.eft
ACq.2d ACB ,ut ACB ad CBq. hoceft,
7.5- DHad LN, ue LN ad IK; hoc eft, 1.6.
Diad LM,utLMad IL ;ergo,17.6. DIL,.
& LMq. aquantur < atqui-, bpp. funt fibi:
comm,. ACq. & CBq. hoceft DH, & 1K,
ac proind¢, 1.6. & 10.10. etiam DI, & 1Lg
ergo,18.10. DL major erit, quam LG qua-
drato linez fibi long. commenf. :
- 8in AC, & CB ponantur fibi pot.incom~

-‘menfoftendetur, 19.10. DL maj. effe, qua
LG quadr. linez fibi long: incotnmen.

QY AS-

I
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QVASNAM LATITVDINES
Efficiant quadrata primarem fex [rrae
tionalium , applicata ad Ratiovale

PROPOSITIO: LXIL. -

Vadratum binomii (AC pl. CB) ad
<. 'ationalem ( D E) applicatum, facit
latitudinem ( DG) primum. Binomium .
Nam ;adhibito lcmm-przccd; Quonii,.
byp. 0’ 37: 10.. AC. & B funt ratjonales
fibi pot. tantim commenf. crunt ACq. &
CBgq. rationalia, & fibi comimenfurabilia;
adeoqué, 16.10. & Schol, 12: 10 tota ACq.
pl.. CBq. hoc eft DK eft rationale, atqui
applicatum eft ad rationalem DE ; ergo,
21-. 10+ facit latitudinem DL rationalem
long: commentf. ipfi DE:at vero, quonia,
byp. & 37:10.reG2 AC & CB funt fibi pote
tantim-comment. ;.idcirco, 22. 10. ACB,
adeoqués24.10:ejusduplits hoc eft: LF mes
dium-erit, ac proinde;.33- 10« laticudo LG
eft rationalis pot.. tantum comment. ipfi
DE, ergo, 1pa0. DL, & LG funt fibi pot,
tantimicomtaenf. Demam, byp.eS 37.10.
AC,& CB funt {ibi pot. tantim comment.
Ergo,cit, lemm, DL pluspoteft quim LG
quadravo linez £bi long. comment:; ergo,
Y. def.ex fecandis , DG et primum bino-
mium. QE.D.

L 3 . PRO-.
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PROPOSITIO  LXIL

Vadratam bimedialis prime ( AC

- pl. CB) adrationalem(D E) appli=

catum, facit laitudinem (DG) fe=
cundum binomium . o

Nam adhibito codem femm. Quoniam,

byp. 38. 10. AC& CB funt mediz pot.
tantim fibi commentf. 5 idcirc6 ACq. &
CBq. erunt fibi commenfurabilia , atque
media ; adedque, ¥6. 10. ¢ Corols 24: I0;
ACq.pl. CBq. hoceflt DK erit medium .
atqui applicatum eft .ad rztionalem DE :
ergo; 23-10. faciet laticudinem DL ratio-
nalem pot. tantum eommen{. ipfi DE : at
vero quoniamre&te AC,& CB, byp. & 38.
10. continent rationale ACB; idcired ),
Scbal. 12. 10, €jus duplum, hoc eft LE erit
rationale ; adeogué,2r1. 10. latitudo LG
eft rationalis long. commenf. ipfi DE ; ac
proindé, 13.10. DL & LG erunt fibi pot.
tantim commen{. Demum, byp. & 38. 100
AC & CB fant {ibi pot.tantim commenf
ergo; ¢it. lemm, DL pluspoterir quim LG
quad rato linez {ibi lor g.commenf'; erzo,
2.defiex [ecundis, DG et \ecundum. Bino-
nigm. Q. E.D.

PROPOSITIO LXIII.

Vadratum [ecunde bimedialis ( AC

pl. C B) ad rationalem ( DE) appli~

_ catum, faciet lavitudinem (DG) ter~
tivm binomium . \ Quipps,

o ——
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Quippé, ut prius : Quoniam , brp. & 39.
10. AC & CB funt mediz pot. tantim 1:bi
commen{., idcirco ACq. & CBqg. erunt fi~
bi commenfurabilia atg; media, adeaque,
16.10.,t9" Corol, 24. 10. ACq. pl. CBq. hoc
eft DK erit medium : atqui applicatum eft
ad rationalem DE; ergo; 23.1o. faciet la~
titudinem DL rationalem potent. tantiim
commenf.ipfi DE : Rurfus, quoniain, byp.
& 39.710. AC, & CB continent medium
ACB ; idcirco , 16. 10. & cor, 24. 10. €jus
duplum, hoc eft LF erit medium ; adeoq;
22.10. latitudo LG eft rationalis, pot-tan~
nim comment. ipfi DE, ac proinde, 13.10.
DL, & LG crunt rationales pot. tantuin
fibi commenf. Demum, byp. & 39.10. AC
& CB funt fibi pot. tantin commes(. ; ct=
goscitebemm. DL plus poteft quam LG qua-~
drato linea fibi long. comment. ; ergo 5 3.
d‘f-"‘é““ndh DG eft tertium binomium.

PROPOSITIO LXIV:

Vadmatum Majoris (AC pl. BC) ad
rationalem( D E) applicatum , facit
latitudinem ( DG ) quartum bino~
minm . o
- Adhibito, cit. lemm. Quoniam, byp. &
40.10. ACq. pl. CBq. hoceft DK eft ra-
tionale, atque applicatum eft ad DE ra-
tionalem ; 1dcircd, 2 1. 10- efficiet lartitu-
dinein DL rationalem , long. commenfu~
. La rabilem
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rabilem ipfi DE : At verd, quoniam, byp,
& 40.10- AC & CB continent medium
ACB; idcircd, 16.10. & Corol. 24, 1. ejus
duplumhoceft LF erit medium ; ac pro-
indé, 13.10.DL, & LG erunt fibi pot.tan-

. timcommenf. Denique, byp- & 40. 10

AC & CB funt fibi pot. incommenf.; ergo,
cit. femm, DL plus poteft qunim LG qua-
drato linea fibi long. incomment(.; ergo,4.:
defiex éecundi: DG eftquertum binomium.

o Lgo .- =

PROPQSITIO" XLV.

Vadratum ejus ( ACpl. CB) qua: ‘

rationale, ac medium poteft ad ra~
~ tionalem (D E) applicatum , facit’
latitudinem. ( DG') quintum.binomium-

Nam adhibito; cit.lemm, Quoniam,byp.- .

& 41.10. ACq. pl. CBq. hoceft DK et
medium, atque applicatumeft’ ad DE ra-
tionaletn ; idcircod-, 23+10: efficiet latitu-
din€ DL rationalem, pot.tantim comenf.
ipfi DE :- At werd; quoniam; byp.&i41.70.
AC &CB comsinent rationale ACB’; id-

CIICO; 16,10, Scbol, 12.30. ejusduplum , .
hoceft LF eritrationale ; adeoqué,21.10, -

latitudo LG erit rationalis, long. com-

menf. ipfi DE; acproindé, 13.10. DL &
LG erunt fibi pot. tantim comment. : De--

nique , syp. & 41. 10. AC & CB'funt fibi

pot. incommenf. , ergo, cit. temm. DL plus

poteft quim LG quadrato lincz fibi long.
: in--

1
.

\l
(
[
l
|

|
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iicommenfurabilis ; ergo, 5.def. ex fecuna-
dis; DGeft quintum binomium ..

. (X

PROPOSITIO" LXVL.

bina media poteft ad vationalem
(D E) applicatum, facis;batitndinems
CDG) fextuns binomium- ..

Rurfus , adhibito. cir. lemm. Quoniam,
byp. & 41.10.. ACq. pk CBq. hoc eft DK
eft medium, arque applicatam eft ad ra-
tionmalem DE 5 idcirco, 23. 10. efficiet la-
titadinem DL rationalem, pot.tantim c6-
menf.ipfi DE :: Itemsquoniam; byp. & 42.
10:; AC & CB continent medium ACB 3
idcircd; 16.10: 8 Corol: 24.10. cjus duplii,
Koceft LF erit medium ; adedque, 23.10.
latitudo  LC erit rationalis: pot. . tantim
commentf. ipfi DE, acproindé DL, & LG
erunt rationales, pot. tantiim fibi commeéf.
Deniques. Hyp. & 42: 10. AC ; & CB funt
fibi pot: incommen{. ; ergo, cis. lemm.: DL
plus potet’'quim: LG quadrato linee fibi
Tong. incommenfurabilis ; ergo,6. defs ex

o ‘Q'Vhdmmm ejus ( AC pl.CB) qua:

. fecund. DG eft fextum binomium .

‘E'D-

Ls IRRA-
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‘IRRATIONALIBVS COMMENSV-
* " RABILES
Sunt ejufdem cii ipfis nature, ¢ ordinis |

PROPOSITIO LXVIIL.

Inomio ( AC pl CB ) rella (DE)
_ commenfurabilis ; & ipfa binominm
ef} atque ordine idems. - P
Fiat, 12. 6. uttota AB adtotam DE fic,
ablata AC ad ablatam DF 5 moxergo, 19.
6. erir CB adFE ut ABad DE, fivé AC.
ad DF ; atqui, 4yp. AB & DE funt fibi log -
commenf., ergo, 10,10. AC & DF,uti et1a.
CB & FE erunt fibi long.commenf. : Quo~.
niam vero , byp. & 37. 10.. AC & CB funt;
rationalcs-; ergo etiam DF, & FE illjs.co-
menfurabiles, rationales eruntg Tum, quo-
niam, »t priuseft ACad DFut CRad FE 5
erit, altern, ACad CBut DFad FE;atqu,
byp. 8 37,105 AC & CB funt fibi pot.. trin,
commenf: ergo,10.10. DF & FE funs etia.
fibi pot, th comenf adedq; 37+10. DE eft:
Einominr. Rurfus,quoniam, w prius, €
ACad CButDF ad FE ; ergo fi AC plus:
poterit quim CB.quadrato lincz fibi lon~

gitudine commenf. ,.aut-incommen(: ; itd

- etiam, Is. 10. DF plus poterit . quim FE
quadrato linez fibi, long. commenf,’ aut
incofinmenf. : Jtem , fi AC fit long. com~

menf, aut incommenl. rationali expofitz ;-

erit ctiam , Sch, 12.10. aut, 14.10. ipfa DF

(quippé oui , % priusy eft commenfurabilis.

ipfa.

v—.'_’-—'-—
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ipfa AC] comment. , vel incommenf, eidé
expofice rationali: eademque ratione 5 fi
CB fit long. commenf, , aut incommenf
expofitz rationali ; erit etiam FE eidem
rationali expofitz long.commenf., autin-
commenf.: fin verd neutra AC,. CB ficra-
tionali expofitz long.commenf.neutraetia

., DF, FE eidem rationali expofitz comenfu~

rabilis erit ; adedque » ex def. binomiorum ,
quodcunque binomium fit AB,ejufdé etia

ordinis binomivmerit DE. Q. E.D.

PROPOSITIO LXVIIL

Blmediali_( ACpl.CB ) recta( DE)

commenfurabilis 5 & ipfa bimedialis
eft atque ordine cadem..

Fiat, 12.10. ut tota AB ad totam DE fic
ablata AC ad ablatam DF;mox ergo,19.6.
erit CB ad FE, ut ABad DE : atqui, 4yps
AB, & DE funt fibi long.commenf.,ergo,
‘10.10.etiam AC & DF,uti etiam CB & FE
erunt fibi long. commenf..:. Sunt autem ,
byp.& 38.vel.39.10. AC & CB Mcdixgers
£0,.24.10. etiam DF, & EE illis commenf-
Mediz erunt ;. Quia verd, wrprius eft AC
ad:DF, ut CBad FE ; erit, astern. AC ad
CB ut DE ad EE ::atqui, £yp. & 38.vel 39..

" 10. AC & CB.funt fibi por. taptiim com= -

menf,, ergo, 10.10, DE & FE funt fibi pot..

. tantim commen{., adeoqué, 38. vel 39+ 10..

_DE-eft Media ;. Deind¢, quobiam, 1.6 eft
"ACq.ad ACB>ut ACad CB, quz funt,
%t privs ut DF adf‘.E,qpae funt,1.6. u:,lz‘ll-“_q--
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ad DF5; erit 11.5-,0" alrermn. ACq.ad DFg:-
vt ACB ad DFE - atqui ACq. & DFq. funt
fibi- commenfurabilia [nam-AC, & DF
fiint fibi, ur prius long: comment.), ergo,
10-10.-ACB, & DFE funtetiam fibi com-
menfurabilia :- adeoque , fi ACB fit ratio=
nale;itaut AB fic'pritna bimedialis ;erit

etiam, Scb. 12:10.- DFE rationale; adedq;

38.10. DE erit prinma bimedialis : Sin ve-
1o ACB fit Mcdium:, itdaut' AB fit fecunda
bimedialis , etiam , Sch, 24: 10. DFE erit-
mediun ; adeoqué, 39.10. DE erit fecunda:
b]medillls .- . Eo D-- *

PROPOSITIO LXIX..

M»Ajori (ACpl.CB ) rela commen~-
| furabilis CDE ; ). & ipfa major
eff..

Fiat; 12.6. ut tota AB ad totam DE, fic-
ablata AC ad ablatar DF; mox ergo, 19. -
6.crit CBad FB,ut ABad DE, fivé AC
ad DF :-atqui, byps AB, & DE funtfibi
commienf. 5 ergo, 10.10. ctiam AC, & DF
uti etiam CB & FE erunt fibi commenf. :-
Quiaverd,ut prius 9 alr,eft AC ad CBut-

DF adFE; idcircos 22.6.-erit ACq. ad "

CBg.ut DFq. ad FEq. €9 compon.erit ACq. -

pl.C Bq: ad CBq.ut DFq.pl. FEq: ad FEq. -

& inverti atquealtern. erit CBq. ad FEq.-

ut ACq. pl. CBq. ad DFq. pl.FEq: Atqui

CBq-& FEq.funt fibi commenf{. (nam CB,

& FE funt oftenfe comment.),ergo,10.19. -
: ~ etiam

&
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etiam fibi commen{. erunt ACq. pl.C Bq.«-
& DFq. pl-FE%,- Atrqui etiam , b7p. & 40+
10. ACq. pl.CBq. eft rationale ; ergo etsd, -
feolo 12. 16 DEq.-plsFEq. eft rationale .
einde, quoniam, 1.6. eft ACq.ad ACB,
ut AC ad CB, quz funt, ## prius,ut DR ad
FE, qua funt, 1.6.ut DFq. ad DFE ; ergo,
11.5.¢9" alrern.cric ACq. ad DFq. ut ACB
ad DFE ::atqui ACq. & DFq. funt {ibi
commenfurabilia (nam AC & DF func fibi,
ut priusy comment.) ; ergo, 10. 10, DFE
efl commentfurabile ipfi ACB; quod , byp.
& 40.10- Medium ¢ft'; adeoque, Coroli24.
ro. DFE Medium quoqueeft’. Demum ,
quoniam y-ut prous, eft AC ad CB ut DE
ad FE, atque, £yp.& 40.10. AC, & CB funt
fibi pot. incomment(. ergo, 10- 10. DF ,&
FE crunt fibi pot. incomment. ; adeoqué,.
4¢.10. DE' Major enit .. Q. E.D.

BEROPOSITIO LXX.

Ationale , ac medium potenti ( AC
R pl. CB) commenfurabilis (DE) 3
¢ ipfa vationale ac medium potens eft

Iteram’, 12: 6. fiat ut tota AB ad totam
DE ficablata- AC ad ablatam DF; mox
ergo; 19.6. etitCB-ad FE-ut ABad DE,
fivé AC ad DF ; atqui, byp: AB & DE funt
fibi commenf. ergo, 10.10. etiam AC , &
DF, utit & CB, & FE erunt fibi commenf.
Quia verd, wr prius & altern. eft AC ad
CEutDFad FE ; idcircd, 22.6. erit qu

aaqa.
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ad CBq. ut D¥q. ad FEq. & compon. eric
AcCq. pl- Bq.ad CB3. ut DFq. pl. FEq.
" ad FEq. & invert. atque altern, erit CBq.
ad FEq. ut ACq. pl. CBq. ad DFq. pl,
FEq. Atqui ¢Bq. & FEq. funt {ibi com-
menfurabilia (nam CB, & FE funt often-
fx commenfurabiles) ; ergo, 1c.r0., etiam
£ibi commen‘urabilia erunt ACq. pl.CBq.
- & DFq. pl. FEq. Atqui, byp. & 41. 10.
" ACq. pl. CBq. eft Medium ; ergo , corall.
24, 10. etiam DFq. pl. FEq. Mediumeric.
Deindé , quoniam, 1.6. eft ACq. ad ACB
ut AC ad CB, quz funt , @ prius, ut DF
adFE, quz funt, 1. 6. ut DFq. ad DFE ;
€rgo, 11.5. € alzern. erit ACq. ad DFq. ut
ACB ad DFE : atqui ACy. & DFy. funt
fioi commenfurabilia (nam AC,& DF funt.
fibi,ur prius commenf.); ergo, 10.10. DFE
cft commenfurabile ipfi ACB, quod.,byp.
& 41.10. eft rationale , ergo, Sckel. 12.10.
" DFE cft rationele . Demum, quoniam, zs:
prius, eft ACad CB ut DF ad FE, atque,.
byp. & 41.10. AC & CBfunt £ibi pot. incd-.
menf. ergo, 10. 16- DF, & FE cruntfibi:
pot. incommenf., adedque, 41. 10. DE eil:
@, quz Il{)ationalc ac Medium peteft ..

PROPOSITIO: LXXI.
; Im-mcdia'.potemi '(Jc pl. CB) reéle:

commenfurabilis (DX) ; & ipjabi=.
na-media potens el . :

Quinpe.



§
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_ Quippe retexendo ordinem przceden-.
tinm demonftrationum ;: Quoniam , byp..
@ 42.10.ACq. pl.CBq. eft Medium; ergo,
¢oroll. 24.10. DFq. pl.FEq. Medium etid
erit . Deindé , quoniam DFE eft commé- .

furabileipfi ACB , quod, &yp. & 42. 10.

Medium eft ; ergo, 24. 10. ipfum etiam:
DFE Medium erit . Demum , quoniam,.
ut prius, eft ACad CB ut DF ad FE , atq;
byp. & 42. 10. AC, & CB funt fibi pot. in=
commenf, ergo, 10. 10. DF, & FE erunt,
fibi pot. incommenf. adeoqué, 42. 10. DE.
erit ea, qua'bina media poteft. Q.E. D\

. IRRATIONALES _
Duarum Quadrata equantur duobus me~
~ diisy vel copofsto ex rationali, & medio,

PROPOSITIO LXXII

Si vationale (A4) & medium (B) com~
ponantur una ex quatuoy vationali=
bus fit 5 nempé vel binominm > vel prima:
bimedialis, vel major, vel ea, que rationa=
le ac medium poteft .

Nimirum, {i Hq. fit 2quale toti Apl. B;
erit linea H una ex quatuorirrationalibus,.
quas innuit Theorema. Fiatenim ad CD
expofitam rationalem re@angalum CE
equale iph A & re®angulum FI zquale
iofi B ; ergo totum C] zguabitar toti A pl.
B, quod , Ayp. =quatar ipfi Hq. Quoniam:

ergo,hyp. A eft rationale ; erit, Sciol. 12,104
cilam-
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eti>m CE rationale ; adedque, 21. 10, Tati-- 4
tudo CF eft rationalis , long. comenf. ipfi
CD. %Joniam verd , byp. Beft medium g
erit, corel.24-10- etiam FI medium; adeo- !
qué, 23.19. latitado FK eft rationalis, long.
incommenf.ipfi CD ; adedque, 13.10.CF
& FK funt rationales, long. {ibi incomméf, . C
ac proindé, 37.10. CF pl. FK e binomiir» |
Arqui, 1.6. eft GFad FKut CE ad FJ, hoc-
eft ut A'ad B; ergo, 14.5: i A'majus , vel.
minus fit quam B, erit CE major , vel mi--
nor:quam FK .. )

Igitur i CF plus poteft’quim FK qua--
drato linex fibi long. comment. erit, 1.def.
ex [ecundis y CK primum binomium ; ac.
promndé; §5.10. linea H eft binomium .

Si CF plus poteft' quim FK-quadrato lie.
nez{ibi long. incoment. erit, 4+ def. ex fec..
CK quartum btnomium ; ac proindé,s8.10..
linea H eft major ...

$in verd A minus fif quitn B'; erit, 1.6..
& 14.5. CF minor, quim FK : adeoqué fi-
FK plus poteft. quim CF 'quadrato linez-
fibi Iong. comment. erit, 2. def. ex sec. CK'
f.cundum binomium ; ac proindé, §6. 10..

linea H eft fecundi bimedialis .. '

$i FK plus potett quim CF quadrato li--

nez {ibi long..incormment. erit, §.def. ex-
sec. CK quinrumbinomium 5 ac proindé,,
§9-1c.linea.H erit €2;qua rationale ac me--
dium poteft.. Q. E.D,. :

P

PRO-
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PROPOSITIO LXXIL

I duomedia ( A, & B) inter fe in~
commenfurabilia componantur , una’
duarum irrationalium fit 5 nempé - vel fe=
cunda bimedialis , vel bina media potens .
. Nimirum 6 Hq: fit zqualé toti A pl. B;
erit linta H una irrationalium, quas innuit
Theorema .- Fiat enimy conftruitio ut in
prazcedenti . Quoniam, byp. A’, & B hoc
eft CE, & FI funt media;. erunt , 23. 10.
Jatitudines CF & FK rationales, long. in-
commenf.ipfi CD . Deind¢ quoniam, 4yp..
CE, & FI funt fibi incommenfurabilia, at-
que,.1.6. &t CE ad Fl ut CF ad FK; ergo,-
10+ 104 CF, & FK erunt etiam fibi incom~
menf, ac propterea, 37, 10. CF pl. FK eft
binomium .. Atqui,« prius, et CF ad FK.
ut CE ad FL,hoc eft ut A ad Bj ergo, 14.5.
fi A majus; vel minus-ficquim B, erit CE
amajor, vel minor, quim FK.. .
Itaque fi CF- pluspoflic quim FK' qua~
draco inree fibi tong. coniment. erit, 3.defe
ex fec, CK tertiunt binomiun 5 ac proinde,.
‘§7. 10. linea H eft fecunda bimedialis .

Si CF plus poffit quim FK' quadrato li«

“nezfibilong.incomtnent., erit,6.def.ex fec.-

CK fextum binomium; ac proinde,60.10.-
linea H eritea, quz bina media poteft +-

- GE-
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“ GENESIS LINEARVM
per fubtrationem .

 PROPOSITIO LXXIV.

1 drationali (AB ) rationalis ( AC')
A aufcratur-, potentia tautnim commen=
Jurabilis exiflens totis reliqua( BC ) irra=
tionalis eft . Vocetur autem Apoteme .
. Quippé, 1.6:eft ABad AC ut ABq. ad
ABG,; ted, byp. AB , & AC funt ibi long.
mcomment. , ergo , 10. 10. ABq. & BAC
funt {ibi incommen{. Quoniam verd AB,
& AC ponuntur rztionales , ac proindé
ABq. & ACq. funt fibi commenf. ; idcir-
€0,16.16. compofitum ABqg. pl_.A(,z . (hoc
cft 7. 2. due BAC pl.BCq.) erit commenf,
ipli ABq.cui, ut prius, cft incommenf. ip-
fum BAC, cui eft commen, ipfius duplu,
nempé 2 BAC 5 ergo2 BAC pl. BCq. & 2
BAC fant fibi incomment. adpeoqué 5 Cote
¥7.11. BCq. incommenf. eft ipfi compofi-
10 2 BAC pl. BCq.hoc eft, utprins, ipi
compofito ABq. pl.ACq. quod, utpoté ipfi
ABgq. rationali commenf{urabile, eft ratio~
pale ; ac proindé BCq. eft irrationale,, &
recta BC 1pfum potens eft irsationalis .

COROLL. Hinc fi & majori nomine
Binomii minus nomen auferatur ; teliqua
eft Apotome : Quippé AB, & AC ponuutur
fationales fibi pot.tanwim commenf. ergo,

, 327

]
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7-10. AB pl.AC eft binomium, cujus ni-~
jus nomen AB, & minus AC.

PROPOSITIO LXXV.

SI 4 Media ( AB) auferatur Media
3 (AC ) potentia tantim commen[ura=
bilis exiftens toti , que cum tota vationale
contineat-s - reliqna irrationaliseft . ¥ oce=
tur autem Apo tome prima medie

Quoniam enim , byp. AB, & AC funt

fibi pot.comment, erunt fibi c6menf. ABq.
& ACq. adeoqué, 16. 10, ABq. & Alq.
pl. ACq. arqui,Hyp. ACq. utporé factum
d media, cft irrationale ac medijum ; €5go,
Corol. 244 10. ABq. pl.ACq. irrationaleerit
ac medium. Quoniam vesd BAC ponitor
rationale ; erit etia:n raticnalc cjus duplits
‘adeoqué 2 BAC incommenf. erit ipfi srra~
tionali ABq. pl. ACq. hac cft 7-2. ipfi2.
BAC ; adeoque, 17. 10. BCqvincomnmengk
eftipfi 2 BAC rationali, ac proindé BCqs
eft irrationale , rectaqué BC ipfum potens
irrationalis . Q. E.D.

COROLL. Hinc fi 4 majori nomine
Prima Bimedialis minus nomen auferatur
reliqua eft dpotome primamedse : Ogipp:
AB, 8 AC ponuntur Mediz fibi pot. tan~
tim commen{..& qua rationale BAC eon~
tineant; ergo, 38.10. AB pl. AC eft prima
bimedialis , cujus majus nomen AB , 8
minus AC, _

PRO~
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PROPOSITIQ LXXVI.

SI a4 Media{ 4 B)auferatur media( ACY: F
\J potentia titdm commenfurabilis exi
flens soti , que camtota-Medium contineats; '
religna ireationalis eft. . Vocetur dutems: .
Apotome fecumda:medie .. ’
Quoniam enim,bsp.AB; & AC funt fibi- |

pot. comment., erant {ibi commenf. ABq.. )

& ACq., adeoqué,. 16. 10..ctiam ABq. &
AB pl. ACq. atqui tam ABq. quim ACq..
eft Medium (Nam AB;, & AC ponuntur.
mediz); ergo,cor.z4-10- etiam ABpl.ACq.. -
eft medium : Actqui BAC ponitur media,.
ergo, cor.24.10. Medium quoque ¢ft ejus.
duplum , fivé 2BAC: atqui, 7. 2. 2qua~-
tur ABq, pl: ACq. &2 BAC pl.BCq, ergo-
BCq. eft exceflusunius Medui fupra aleeru, . -

adeoque; 27, 10.. BCqs eftirrationale, &. |

recta BC ipfum potens. irrationalis .
D.

COROLL. Hinc fi & majori nomine*

Jecunde bimedialis minus nomen auferatary

reliquaelt dporome fecunda medie . Quippe:
AB, & AC ponantur mediz. fibi pot. tan-
tim commen{. & quz medium BAC con-
tineaat ; €rgo, 39.10- AB pl. AC eft fecii-
da bimedialis, cyjs majus nomen AB &:
mnuys Acg

PRO-
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PROPOSITIO LXXVIIL

I d relle ( AB) anferatnrvella (AC)
‘A potentia incommenfurabitis exiftens
-208iy que ctm 1014 faciat compofirsm qui=
demex ipfaram quadratis Rationale, qeod
“werd [ub ipfis continetur , Medium 3 relis
gua irrationalis e . Fosetur autem Mis
nor .
Nam ARBq. pl. ACq. ponitur Ratinale;
.contravero BAC , adeoqué etiam 2 BAC
ponitur M. divm , ac proindé Irrationale ;
rergo funt fib1 incommenf. ABq. pl. ACq.
hoc eft (7.2.) 2BAC pl.BCq. &2 BAC;

; -adeoqué , 17- 10. funt fibtincon wenfs 2

JSAC pl. BCq. & BCq. nimiriim Rationale
ABG. pl. AC, & BCq. ac proindé BCq. eft

- Trrationale , & re¢ta BC ipfum potens irra-
- .tionalis. Q.E.D.

3
1
:

COROLL. Hincfi 3 majori nomine
.M ajeris, minus nonen auferatur 5 reliqua
-eft Minor . Quipré AB, & AC ponuntur
fibi pot.incommen{, & ABq. pl. AC poni-
tur rationale, BAC vers pomitur medium

| -€Fg0; 40.10. AB pl. AC eft Major, cujus
:majus nomen AB, & minus AC.

PROPOSITIO LXXVIII.

S I drefla (AB) auferaturvelda (AC)

potentia incommenfurabilis exiflens

Boti , que cum tota faciat compoﬁtun:‘ qui=
- cm
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dem ipfarum quadratis Medium, quod du<
tem [ab ipfis continetur rationale 5 reliqua
irrationalis eff . Vocetur autem cum Ra«
tionali Medinm totumefficiens.  # -
Siquidem ABq. pl. ACq. ponitur Me.
dium , adeoqué irrationale ; contra verd
BAC, ac proindé ctiam ejus duplum, fivé
2 BAC ponitur Ratianale ; ergo erunt fibi
incommenf. ABq. pl. ACq. hoc eft (7.2.)
2 BAC pl.BCq. & 2 BAC ; adeoqué , 17.
10. funt fibi incommen{, 2 BAC rationale,
& BCq. acproindé BCq.eft irrationalc,&
recta BC ipfum potens irrationalis .
_COROLL. Hinc {i i majori nomine.
ejus, qu Rationale , ac Medium poseft , mi~
nus nomen auferatur ; reliquaeft quz cum
Rationali Medium totum efficit : Quippe
AB,& AC ponuntur fibi pct.incommenf. r
& AB pl. AC ponitur Medium, BAC ve-
16 ponicur Ratsonale 5 ergo, 41. 10. AB pl. |
AC erit e2 quz Rationale, ac Medium po-
teft, cujus majus nomen AB, & minus AC.

PROPOSITIO LXXIX. |

SI drella (AB) auferatur reéla ( AC) [
potentia incommenfurabilis exiftens
16t s que cum tota faciat ¢ compofitum
ex ipfavum quadratis medium, & quod [ub
ipfis centinetur medium, incommenfurabi~
begue compofito ex quadratis ipfaram 5 ve =

liqug

——

|
|
i
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- liqua irrationalis eft . Vacetur autem cum
 Medio Medium totum efficiens ,

Siquidem AB pl. ACq. hoc-eft {7.2.) 2
, BAC pl. BCq. ponitur medium , ita etiam
- BAC, adeoque etiam:2 BAC ponitur e~
 dium : atqui, 27. 10. medium non fuperat
- medium rationali ; ergo BCq. eft irrario~
| nale,& recta BC ipfuin potens irrationalis.
’ L] L] . .
. COROLL. Hinc fi & majori nomine
, ejus , qua Bina Media poteff minus'nomen
, auferatur ; reliqua eftea , quz cum medio
medium totum efficit . Quivpe AB, & AC
ponuntur fibi pot.incommenf. & tam ABq.
s pl. ACq. quim BAC ponicur Medium
- ergo AB pl. AC eft Bina Media potens,
' cujus majus nomen AB, & minus AC.

- LEMMA ad fex proximé (equentes .
. 8 idem [it exceffus inter primam mas
- gnitudinem ( HL ); & [ecundam ( PL)
' qui inter teitiam(RS),&r quartam (25);
' erit wiciffim idem exceffus inter primam ,
& tertiam , qui inter fecundam , & quar~
tam.
| Quoniam enim exceflibus zqualibus HP,
. LQ adje@t=zfuntinzquales PL, QS ; crit
, exceffus totorum { 15. ax. 1. ) aqualiscx-
cefluiadjunctorum. Q.E.D.

QVANAM
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QVANAM, ET QVOT LINEE |

Congruant
Trrationalibus genitis per fubtraliones? |

PROPOSITIO LXXX. |

Potoma (AB) una.tantine congruit
relfa linea Rationalis (BC),potens
tia tantdws commenfurabilis exiflens tqti |
(40). o
Congruat enim, fi fieri poteft,alia BD.. |
Quoniam ergoidem eft exceffus compofitt -
ADq.pl. BDq. fupra 2 ADB, ac exceflus ‘
compofiti ACq. pl. BCq.fupra 2ACB ; fi-|
quidem, 7.2..1dem ARBq. cft utrqb;gpe €x- |
.ceflis ) <rgo;, bemm. prec. erit viciflun idé
exceffus inter A’ % pl.BDq. & ACq. pl.
BCq. acinter 2ADB, & 2 ACB-. atqui,
Scbolb. 27, buj. exceflusquadratorum eft ra-
tionalis ; (Nam, yp. totz, & congruentes’
ponuntur rationales , adeoqué rationalia
funt earum quadrats, quin, 16. 10. & com-|
rofita ex quadratis rattonalibus rationalia
erunts ) ergore@angulorum exceflos erit’
etiam tationalis ; -Qudd fieri nequit : N3, !
22.10.ifta re@angula, ucpoté, £yp.conten- |
ta fub rationalibus fibi pot. tantiim com-
amenf. Media funt, ac proindé, Cor. 24.buj,
Media quoque funt eorum dupla ; Medium
vejrgi (27.10:) non fuperat Medium ratio-'
nali. :

PRO- $

l
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Likr X, 26
.~ PROPOSITIO I¥XXIL
N '/ Edie Apotome primie ( AB)ma

santiim congriit ré€la linea Media

{ BC)potentia Jolum commenfirabalis exis
flens toti , & cum tota'ratiohale contihens .
., Gongruatenin, fi £ p.alia BD . Quo-
piam, ut in preceder, exceflys inter ABq-.
pl.BDq. & ACy. pl. BCq. zquatur exceflui
soter 2 ADB, & 2 ACB, atque exceflus
quadratorom eft Medium (Nam,byp. totz,
& congruentes ponuntur Mediz , adecqué
& media funt earum quadrata, quin, Corsl.
24 buj. & compofita ex quadratis Mediis
funt Media ;') Ergo re@2ngplorum excef-
Juseflet esiam Medipmy Quod fieri nequit:
stamenim ACB, quair ADB ponitur ratio-
.nale, ac proinde rationalia quogye funt co-
-gum dupla ; rationale vero tuperat tatio-
-nale rationali . T

" PROPOSITIO LXXXH+
M 'Edie Apotome feciida { AB) ana

YR tantim congrust refia linea (BC)
potentia_folitn’ commenfutabulis eXiflens
tutiy, & cum tota medium continens .

- Congruztemim, fi f. p. aha BD : atque
ad expofitam rationalenrEF fiat EG zquae-
Je ipfi ACq. pl. BCq. atq; ti1 iat EL zquaa
leipfi ADg. pl. BDq. atque demum fiat EI
.M zquale



- nequit»
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zqualé ipfi ABq. Igitur, 7.2. 2quabuntur
2ACB,&KG,uti &ZADB, &KL-
Cazterdini, 57p. & cor.24.buj. ACq- pl.BCq.
hoc eft EG eft Medium 3 Ergo, 23.10. la-
titudo EH eft rationalis long. incommenf.
ipfi EF : Quoniam etiam,byp.t" cor.24.buj,
Medium' eft ipfum 2 ACB, hoceft KG
erit quoque, 23.b«j, KH rationalis long.in<
commenfurabilisipfi EF-. Quoniam vere,
1.6.<ft: AC ad BC, ut ACq-ad ACB; atq;
hyp AC, & BU funt {ibi long. incommenfs
‘ergo, 0. 10. erunt etiam fibi incommenf,

'ACq. & ACB:igitur,Hyp. & 16.10. ACq.
pl. CBq. comment. eft ipfi ACq. cui, ur
prius eft incommenf. ipfum ACB, cui eft
commenf. ejus duplii, fivé 2 ACB; adedq;
fanc fibi incommenf. ACq. pl. CBq. & 2
-ACB, hoc eft EG, & K& ¢ Atqui, 1.6. eft
EG ad XG uc EH ad KH; ergo, 10.10. EH,
-& KH fant etiam fibiincommen{.quetameé
“fant oftenfz rationales; adeoqué,74.b#j. EK
eft apotome,& illi congruens KH: eademqs
ratione oftendemus, EX apotcmen effe &
illi congraentem KM : Quod,8c.buj. fieri
- - ) . T

.+~ PROPOSITIO LXXXIIL

{ : .

1hd Inori( AB) una tantim congruit vé=
L Ca linea (BC) commenfurabilis

cexiflens toti , &~ cum tota faciens compofi=

2um quidem ex ipfarum quadratis Ratio=

nale quod amté [ub 1pfis continetur,Medins

|
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Si fieri poteft, congruat alia BD. Qua-
niam ergo, utin 8o. b4j. oftenfumeft , e
CC!TIIS lntCl'A an pla Bqu > & Aqu Pl‘
BCq. zquatur exceflui inter 2 ACB, & 2
ADB : atqui , b7p. compofita ex quadratis
font rationalia, adeoqué & rationalisipfo-
rum exceffus, at vero re&tangula ponuntur
media ; ergo etiam mediorum exceffus ef-
fet rationalis ; quod, 27.bx]. fieri nequic. '

PROPOSITIO LXXXIV.

P21 (ABY, quacum Ratibnali Medium
M tatum facit, una tantim congrust re=
Lalinca( BC) potentia incommenfurabilis
exiflens toti, & cum tota faciens compofi~
-tum quidem ex ipfarum quadratis Medsié
quod autem fubipfis continetur, Rationale.

Si fieri poteft, congruat alia BD - Quo-
niam ergo ,ut prius, exceflus quadratorum
zquatar exceffui retangulorum, atque re-
&angula ponuntur rationalia , quadraca
verd ponuntur media ; -exceffus etiam me-
diorum effer rationalis : Quod » 27. buje

fieri nequir';

PROPOSITIO LXXXV.
A 7 (4B), que cim Medio Mediim e
; tum facit, una tantim congruit relta
linea ( BC ) potentia incommenfurabilis

exiftens toti, &7 cum tota facicns tam coms
M2 pofitum
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pofitum ex ipfarwm quadratis, qudm, quod
Jubipfiscountinetur , Medium 5 & incom=
menfurabile compofito ex ipfarum qua~
dratis. ~

. 8i fiefi poteft, congruat alia BD: fifghe

fchema & ¢ »n(lrucﬁio II“]?é gz.hhu‘;u(s‘,elé
qaoniam , byp. ACq. pl. + Bosett E
meditim c’ﬁ ;ergo,'gg.‘;m‘i."lat todo EH eft
rationalis, long.incommen{. rationali EF:
Ita etiam quoniam, byp.¢ 24-buj. 2 ACB,
hoceft KG mediom e} ; erit pariter laci-
tudo KH raticnalis, long. incommen(.ra~
tiomah £F : atqui KG, hoceft 2 ACB,
cowrmienl. cft uni ACB, cui, &yp. income
Thenf. éft ipfuth ACq. pl. CEq. five EG 5
»,cigo" 1‘3- 10. Y16, {Onw' EH ,& F

fung.criam fibi inconuvenf, ‘fed funt often-
fzrationales, adcuqué falten pat.comméf.
€rgo, 74-buj. EX ett dpotome , & ipli con-

ruens KH, codumque modo oftendemus,
gK effcapotomen, & ipfi congruenté KMz
quod, 8o.1o0. eft abfurdum .

DEFINITIONES
Tertig. '

Yo Xpofira Rativnali , & Apotoma - f
tota plus pofit, qudm congruens, guas

drato reils linca fibi lougitudine commsen=

Jurabilis, . -

I

1. 81
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1. Siquidem tota expofitz Ragionali fit
longitudine commenfurabilis ; Vocetur
Apotome prima . o

2. Siverd congruens expofitz R gonali.
fi¢ longitudine commenfurabilis; Vocetur,
Aporomefcunda. ' .

3- Quoddfi gequetara, neqae congruens,
expofitz Raugnali fic Jongitudine came,
menfurabilis;. Vocerur A yotome tertia .

 Rurfus fi tota, plus pofie , guin. cops
gruens , quadratorecde linew [ibi longitus.
déne.incommen[urabibis . '

4. Siquidem tota exnofirz Rationali fie,
longitudine commenfurabilis ; Vocetur
Apotome quarta .

- Si verd-congruensexpofit® Rationali
fit lopgitudine commenfurabilis; Vocetug
Apotome quinta . .

6. Quod fineque tota, neque congrucns.
expofitz Rationali fit longitudine com-

suenfurabilis ; Vocetur Apotome fexta .

INVENTIO APOTOMARVM
s  PROPOSITIONES .
of6> 87, 88, 89, 90, Qr.

'I“'i!"v?""'e, priman , fecundans , tertiam,
quartam, qaintam , & [extam. Ago~
tomens. ‘ '
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Apotama inuenientur facillimé, inven-
tis Binomiis ordine ipfis corrifpodentibus,
fubdu@ifque minoribus nominibus ex ma-
joribus : Quippé majus nomen idem cm-
ninod cft ac linea Tora, & minus nomen li-
nea Congraens, adedque refiduum eft Apo-
roma 2 & revera in primo, fecundo , & ter-
tio binomio majusnomen plus poteft quim
minus quadrato linee fibi long. commenf.
nonaliter ac inprima , fecunda , & tertia
apotoma, lineca tota plus poteft quim con-
giuens quadrato linez fibi long.commenf.
Secus verd tam in quarto, quinto, & fexto
binomio minus nomen & majori , quim in
quarta, quinta, & fexta apotoma linea con-
gruensa tota cxceditur quadrato linez 16g.
incornmenf. ipfi majori nomini, quemad-
modun, & ipfitoti : atque itd in reliquis
omnia fibi corrifpondent, utde his plura
xepetere non fit necefle » :

IRRAT]JONALES,
[ Qua poffunt fpatia contenta [ub vationali,
© & fingaulis Apotomis .
PROPOSITIO XCIL

Q I [patium ( AC ) contineatur fub yas

tionali ( AB ) <& apotoma prima
{(AD, [ivé AE minus DE ) refla linca
(ﬂliN ) potens [patium (A€) , Apotoma
' L]

Sece-

— ——
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- Secetur DE bifarid in F, & ad AE appli~
cetur pgrum AGE zquale ipfi FEq.hoc eft,
(4-2.)ipfi%. DE, deficienfg; quadrato, né-
péipfo Géq- Et quia,byp..5 def trium prio=
rum Aprtomarum, tota AE plus poteft,quim

" congtuens: DE quadrato re@z fibt longs

commenf.,idcircd, 18.10. AG, & GE funt
fibi long.commen{. adedque, 15.10.utrags
AG, & GE eft comment. toci AE , quay
byp. 1.def. ex teriiie, rationali AB long.co-
menf.eft ; Ergo, utraq; AG, GE rationa~
ki AB long. commen{. eft, ac proinde, 20.
buj. AH, & GI funt racionalia .. Cateruny

- DF, & FE funt long. commenf. ipfi DE,

_cujus fune dimidiz , atq; ipfa DE eft long.
incomment. rationali AB(Nam fi DE effer
loeng. commen{. ipfi AB, cui,byp. eft long.
comsnenfiipfa AE; effent AE, & DE, ni-
mirem Tota, 8& Congruens,fibilong. ¢~
menf, tll'md deftruit hypothefim 5 ) ergo
DE, & I'E funt long.incommen{. rationali .
AB , funt tamen rationales 5 urpoté com=

- menfurabiles rationali DE , cujus funt di~

-~ e W =

midiz 5 Ergo, 22.10. DK, & FI- funt Mc-

. ,

‘Jam verd ipfi AH fiat 2quale LPq.8& fiat
ipfi GI =quale NPq, habens cum toto an-
gulum communem in P ; ergo,26.6. LPq.
& NPgq. erunt circa eandem diametram ;
tom perficiacur-Schema' . Et quonid,confir.
zquantur AGE, & FEq. adecbué,17.6.¢cft
AG ad FE, ut FE ad GE, hoc eft, 1.6. eft
INPq. atqué pariter 3.lem: ad 37. buj. eft

Mgy LPg.
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LPq.ad LPN,fivé ad LO, utLO ad NPq,
Ergo F1, fivé , confir, & 38, 1. ipfum DK

|

zquatur ipfi L.O, ivé (43. 1.6 1.8x.1.) ipfi. |

NM; adeoqué zquantus DI, & gno
vex pl-ﬁ\l Pq. atqui, conffr. ;quagmr

& LPq EI.N q. ergo fubdu&is, hinc gnos

swrone VPX, & illinc pgro D15 2quabuns,
tur, 3.4x.1. AC, & LNg. a¢ propterea re=,
&a L%, pateft fpatium AC . . = :

" Dico autem, ipfam LN effe Apotomen.
Nam, ut priusy AH, & G1funt rationalia ,
ergo etiam LPq. & NPq.ipfis.zqualia,funt
gationalias adeoqué LP, & NP fung ratio-
nalcs .. Contra verd, ¢ priusy FI, fivé LO
¢ft Mcdium, adeoqué Irraticnale , ac pro=
indé NPg., fivée NO, & LO fung fibi.in=
commen/. quippé alterum eft Rationale,

alcerum verd Irrationale 5 Ergo, 1.6, & 10,

10.etiam LP, & NP funt Gpiincommen,
guztamen fung oftenfz Racignales ; Brgos
24, baj ‘b -eft Apotome.s - 3

(K [ .

. PROPOSITIO XGIII.,

Q Ffpatinm,(AT) coutinentur [ub satio:
nali. (A48) , & apotome fecundas

(AD . five AE minus E) 5 vella lie |

nea (LN) fpatinm (AC).potens ef Apo~
tome prima Media . - ‘

Siquidem, ur in. pragedgnti, cujus adhi-
beatur copftrudtio , utrague A,G » Gk oft

long. commen: toti AE, qualong. incoe |

menf.
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otenf. eft rationali AB ( Nam fitoti AE-
effer long. commentf, rationalis AB:, cui,

i " 1byps & 2. def, ex sertiis, ponitur long.com~

v

menf. congracns DE ; effent tos2, & con-
gruens fibt long. conymenf, contra hyp.) f.’
ergautraque AG, GE- eft long-incommél.
rationali AB: funt tamen‘rationales, utpo~-
8, w#prius, long. comment. tori:AE ratio~
nali ; ergo, 22.10. AH, 8 Gl funt Media..
Caterim DF-, & FE" funt }yng. commenf..
ipfi DE ; cujusfunt dimidg® , arque DE:»-
ut-oté congraens,,cft: long: commenf. ipi-
AB ;. ergo, 20.1cy 9K, & FI funt rationa~
ga(‘ Rur(us, .usprius 5. EN.poteft fpativm.

Dico autem, ipfam LN. effe Apotomen-
primam-Mediz.. Nam , ueprins , AH , &.
GI, hoceft: LPq. & NPq. funt Media,.
adeoque LP, 8NP funt Mediax : . Contra.
vero, ut prius-; FL, fivé LOeft rationale ,.
adeoqué NPg, fivé NO- & LO funt fibt
incomment, quippé alterum eft Medium,.
acproinde Irrationale ,.alterum verd Ra-
tionale; ergo, 1 6. & 10. 10. LP:, & NP’
fant {ibt incommenf. Quz tamen funt fibi:
faltem pot.commenf. Nam AG, & GE,.
& AE (utin 92.b4j oftenfum eft) funt f1b1.
long. commen{. adedque , 1: 6. & 10. bssje.
Aty 8 GlI, fivé EPq. & NP funt fibi pot..
comment. fed & contmét ipfum LO;quod,
utprius, cft'Rationale; ergo,7s. baj. EN

_ it Apotome prima Mediz . Q:E. D.

*

. Mis  PBROs
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PROPOSITIO - XCIV.

S I fpatium ( AC) contineatur [ub ya<

\J tionali( AB), & apotoma tertia (A D;

boc et A-Eminus DE) ; refalinea (LN)

Jpatium ( AC) potens efl. fecunda.Apotome

Mcdi‘ » v, : .

- Quippé, quoniam, byp.e" 3.def., ex tertiis:
neque tota AE, neque congruens DE poni-

tur long. commenf. rationali AB; idcircd,

retexendo-ordinem pracedentium demone~

ftrationum, erunttam AH ', &GI,-quam-
DK, & FI Media: Rurfus,ussprius y LN.

poteft fpatium AC . Dicoautem, LN effe-
fecundam apotomen m~diz: Nam,us prius, .
AH; & GI; hoc eft LPq: & NPq.. Media~

font , ac-proindé & re@z LP , & NP funt

mediz, quz tamen funt §ibi pot.tantim co~-

men{. Nam,uting2.buj.oftenfum e, AG:
& GE,& AE funt fibi Jong.comenf. adeoqs :
1.6. & 10.10. AH, & GI, b~ceft ’L‘Pq..&'.-'
N‘ Pq. funt fibi commenfurabilia,ac proin=

dé LP, & NP funt fibi-pot: commenf. : At:
vero, us prius, GE eft long. commen. ipfi’
AE, cui, byp, & 76. buj. eft long.incomtn. .
ipfa DE, quzlong. comment. eft ipfi FE, .
adedque GE , & FE funt fibi long: incom-~-
menf,undé, 1.6. & 10.b4j. etiam F1& GI;..
hoceft LO,& NO; ac proindé demum LP
& NP funt fibi long. incommenf. Quonia .
igitur LP, & NP funt oftenfa pot. tantum :
fibicomment. &continent ipfum. LO,Roc;

. efl:
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eft FL:quod oftéfum eft mediil; eric 76.5%j..
LN Apotomz fecunda Mediz. Q:E.D»

PROPOSITIO XCvV.

SI fpatium ( AC) contincatur fub ratio=-
J nali (AB) & apotoma quarta ( 4 D,
boc eff AE minks D E); refa linea (LN)
Jpatium (AC) potens eft Minor .

. Nam adhibita eadem conftrultiones
Quoniam , def. triam pofier. apotomarum o
AE plus poteft quim DE quadrato lincz
fibi long..ncommenf.; idcirco, 19.b41. AG
& GEfunt fibi long. incommenf-. Qucnid

vex0 , byp, 4. def. exterriis tota AR ra-

tionaliseftipfi-AB'rationali long.cémenf..
erit; 30: buj. ipfum Al; fivé LPq. pl. NPqe
Ratiomale : Rurfus, quia congruens D
rationaliseft, long. incomment. ipfi AB ;-
crit, 22-10. DI, :g 0q; eius dimidium FI, .
fivé LO Medium :- Deindé , quoniam , u¢
prius; AG, & GE funt fibi long inedmenf. .
erunt etid (1.6. £9°10.10.) fibi Incommen~
furabilia AH & GI, fivé LPq. & NPq..
adedq; LP, & NP funt ibi pot.incSmenfe
Demum oftendemus-etiam, ut in precedé--
tibus, re®am LN poffe fpatiit AC; adeog;.
77+ 10, lineam LN eft Minor . Q. E. Ds.
PROPOSITIO XCVI

S I fpatium (AC) contineatur-fub’ ra=

3 tionali( AB) & apotoma quinta (AD; .

boc el AE minds DE); refialinea LN
. M.6 Jpasivam.



sy  Elem:. Euckdis )
Jpatium (AC) potcns, el easgus cum K~

tonali Medium totameffisis .

Quoniam enim; ut in precedentt, AG,
& GE funt {ibi long. incommen{!. & quia,
byp.9 §.defiexreruis y AE rationalis ra-
tionali AB eft long.incommend., erir, 22..
ro. Al, ivé LPg. pl.NPq. Medium -Quo~
niam vero congruens:DE rationalis ratio-
nali- ABeft long. comment. erit, 20. uj..
DI, adeoque eus dimidium FI., fivé LO:
rationale . Rurfus, utin preceden:i AH,.
& Gl, fivé LPq..& NPq. fune fibi incom+
menf. adeoqué [.P, & NP funt fibi pot.in-
eommenf. & recta LN. poteftfpatiain AC;
erge; 78.64j, LN eftca, qua-cumn Ratios:
nali- Medium.totum:cfficic.. Q. E. Ds

PROPOSITIO: XCVIL.

SF [patium ( AC) contineatur fub ri<
“tiomali (ABY drapotoma fexta (A Dj
toc e} AE minus DE) s reia linea LN,
Jpatium AC potens, 2t qua cum- Medio-
Medium totum efficit. - .
- Quoniam.utin precedentibus, AG-, &
GE- funt fibi long. incommenf. & quia
byp.e5-6. def. ex.tertiis . utraque AS , Déx
eft racionalis.long. incomnenf. rationali-
AB; erit, 22.10. tam DI, adeoque ejus di--
midicin Fl, fivé LO, quim Al, fivé LPq..
pl:.NPq. Medium : Raurfus, ut in prae.
eedentibus, AH,& G, five LPg, &'fN-Pq.
: .. : oDt

e s DN

e




fane fibi incomment. adsoqué LP , & NP
fant fibi pot. incommenfs & .re&2 EN po-~
teft fpatium AC; Ergo 79, buj. LN cft ¢a,.
quacum Medio, Medium.totum efficit.

_ QVASNAM: LATITVDINES
Efficiant quadiata fex primarum Irratios
- nalium genitarum per [ubtraltionems.

- applicataad Rationalem..
. PROPOSITIO XCVIN.
V adratnmapoome ( AB) ad'ratiow
" nalew ( D E) applicatum, latitudie
nem:( DG) facit apotomen primai
Expofitz rationali DE;, cui , byps appli=-

. catum et DF zquale ipi ABq. fiat etiam-

DHipfi AC, & demum fiat IK ipi BCqs
zquale ;zquabuntur '7.2.) nariter 2 ACB,
& GK, atquedivifa- GL bifartam in M,
zquabitur GN, vel MKuni ACB : Quow-
niam ergos hyp. & 74: buj.tora AC & con- -
gruens BC rationales funt ; erunt ACq- &:
BCq. rationalia, adeoqué (ibi commenfiu~
rabilia, quin ¢fiam (16:10.) ACq.pl.BCqe.
Hoc eft totun DK, utpoté utrique tpforam
commehnfurabile, rationale erit ; ergo;21-
10, efficiet laticudinem DL ratsonalem ipii
DE long. commenfurabilem:: At vero s,
quoniam AC, & BC rationalesfunt fibi tas -
tum por.coaunealicris;a2.b+j, ACB, adeo~-
. . qee,
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78 Elem. Euclidis
qué & ¢jus duplum , ivée GK, Medium ;-
erga, 23. buj. efficter latitudinem GL ra-
tonalem, ipfi DE long. incommenf, ergo
GL, & DL crunt rationales fibi pot. tan-
tin comm:n{. adedque, 74. ¥} DG cft
Arotome.

Dicoautem, DG effe Apotomen ordiné 1
prima . Quoniam enim,3.lew.ad 37.buj.cft
ACgq.ad ACB,ut ACB ad BCq.erit,(7.5-)
etiam DHad MK, ut MK, ad IK , adedq;
(1-6.) erit DIad ML ut ML ad 1L'; adeoq;
17. 6. DIL =quabitur ipfi MLq. hac eft:
(3.2-3ipli 5. GLg. Atqui,urprius, ACq.

& BCq. hoc ett DH, & IK funt fibi com~
menf. ergo, L. 6. ¢ 10, 10. funt fibi long.
commen(. DI, & 1L ; adedque, .18.10. tota.
DL pluspoteft quim congruens GL quas
draro lincz fibi long. comnmenf. Atque,ut:
prius y cademtota DL eft long. commenf..
rationalt DE  ergo, 1.defiéx tertiis DGeft:
Apotome prima: Q. E.D..

PROPOSITIO XCIX:.

Vadratum - Apotome prime Medie:
.(AB) ad rationalem (D E) applia
casum-, latitadinem ( DG.) facit: ﬁ
Apotomen fecundam.
- Adhibita enim pracedenti -conftrudtio-
nz. Quoniam, byp. & 7¢.buj.tota AC , & .
 congruens BC funt mediz pot.tantim {ibi -
commenfs, erunt ACq. & BCq. Mediafibi-
commznf. Quin & .totumACq. pl. h?)Cq
. G
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hoc eft DK utrique fllorunt erit commenf.
& Medium ; adeoque 22.10.- efficiet lati~
tudinem DL rationalein, ipfi DE long. in~
commen{, At verd,quoniam, Hyp. 5 95.
10. ACB, fivé MK, adedque & GK ratic=
nale ponitur ; erity 21- 10. GL rationalis,
long. commenf.ipfi DE ; ergoDL, & GL
funt racionales; ibi pots tantum commenfs-
Rutfus, ut in preced.oftendetur totam DL
plus poffe quam congruentem GL , qua
jam oftenfaeft long. commenf. rationali
DE, quadrato linez fibi long. commenf.,.
ergo, 2.def. ex sertiis DG. eft Apotome fe~-
eunda. QBE.D.. -

" PROPOSITIO C..

YV adriatum Apotoma fecunds Medier
N\ (A4B) adrationalem (DE) applica=
tum latitudinem ( DG) facit Apo=-
tomen tertiams .- o
- Nam oftendetur ur prius DK Medium
effe, & ream DL Rationalem, long. in- .
comment. ipfi DE : Rurfus; queniam etia,
byp. 8 76. buj. ACB, fivé MK , adeoqué &
GK Medium eft; erit, 23.54j. GL rationa--
lis, long.incominenf, rationali DE : Quc--
niam vero eft, 16: AC ad BC ut ACq.ad:
:A(,':B: atque, bypi AG, & BC funt fibi long..
incommenf. eruntetiam £ibi incommerf.’
ACq. & ACB : Atqui DK, fivé ACq. tl.-
BCq. efi commenf.ipfi ACq. { Nam AC;.
& BC ponuntur fibi pot.faltem ccmme;‘f.))
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& ACq. us priss iacommenﬁi&ﬁ ACB,» !
adenque & ejus.duplo, five ipli GK; erge '/
DK, & GK,adeoqué, 1.6. & 10:10. etiam X
DL, & GL.funt fibiincommen{. quz tamné
fun: o(tcnfe rationales : Quarum cum ney.
tra fit_long. commenf. rationali DE, &
oftendi poffit, ut in g8. 4%} totam LL plus 4
pofle quim gongruentem GL quadrato li=
nez fibi long-comment. idcireo, 3.de£'. e
sentiis erit DG Apotome tertia » Q. E.Ds

PROPOSITIO Cl-

Vadratum Minoris( 45) dramn—
lem ( D B) applicatum facit latitu~
" dinem (DG) quartam Apotomsen..

Nam adhibita eademconft.. Queniam,.
byp.8 77, buj. ACq. pl. BCq. fivé DK efl
sationale ; erit; 21.7o-.ipfa DL ratienalis,,
Yong.commen. rationali DE-:- Contra ve~
ro, ACB,; adedque ejus duplom.GK Medii: 1
eft; crgo, 23 buj. GL eft rationalislong..
incommenf. rationali DE; ergo DL & GL ‘
fint rationales-1ibt pot: tantum commenfe:
Czrerim, byp, & 77.buj» ACq.& CBq.hoe:

 oft DY, & IK funt fibirincommenf.; adeoq;
1.6. & 10. buj. D1, & IL funt fibi long. in+
commen’, 1rqui, ut o8, buj. oftenfum eft’
zauantur DIL & 2. GLqg. Ergo, 19:buj.
DL pluspoteft quim GL quadrato-linex: |
{ibi fong. inc yminenf. ad¢oqueé , 4s def. e
tertiisg erit DG, A potome ggarta . '

- QEDs. » '

PARQ’ 1



PROPOSITIO cu; |

F advatian tius ( AB ) qua cum Raﬂ
tionali Medium totum efficit , ad
- tionalers (DE) applisatum. lamu-

dinem (DG) facit Apotomen quintam .
Nam pofita cadem conftr.. Quoniam
byp. & 74.bui. ACq. pl. BCy. fivé DK eff
Medium; erit, 23.buj. DL rationalis longe
incommenf. ratlonall DE : Contravers,
AGB, adeoqué ejus duplum GK eft ratio=
nale, ac proindé z1. ro. GL eft rationalis;.
long.commenf. rationali DE, undé DL &
GL funtsationakes fibi pot. tantim com~

' mentf, &quomam deindé, ut in praced.DL

.\ = e 2 e

R A SR TR e e

lus, poteft quim GL quadraca linea fibi
ong. inco ngn{' » ergo DG eﬂ; Apo:omc
quinta . &

PROPOSITIO CHI'-

Vadratmn ejus (4B) gue cum Me- ‘

" dio, Medium totum efficit 5 ad ras
-~ tionalem (D E) applicatum, latitus

v dm?n (DG) cﬂi'm Apotamen [extam .

. Nam, mpruu, niang, dyp e 79 bufe-
‘ie m ACq. pl- BCq, fivé D }
adeoque. eius duplum GK Medium eft ; id~
clrco, 23: buj tam tatg DL , qud congrués:
GL eft ra%%t;ah% long. mcommcnf ratioe
mh«DE fusmm praged. DL pl 1::&0-

guamA By

R i ae
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teft quim GL quadrato linez fibi long.in-
commen. atq;demum, byp.8& 79.b4.ACq.
" plusBCq. & ACB, fivé DK , & GK funt
fibi incomment. ergo, 1.6. & 10. 10- funt
etiam fibi incommenf. DL & GL, qu ra-
men funt oftenfz rationales; Ergo,6.def.

exterts DG eft fexta Apotonma. QE.-D.

PROPOSITIO CIV: -
T) Eftlinea (DE) Apotome (AB, fi-

N ¢ AC minis BC) longitudine co="

menfurabilis; & ipfa Apotomeeft, stque
ordine eadem, - -

Nam {i fieret, ur ABad DE, iti ACad
DF, & fit AB long. comment. ipfi DEj erit
etiam AC pl. BC long, commenf. ipfi DE
g. FE ; fiquidem erir, byp. o 19.5- ACad
DF,’ ut BC ad EF, & a¥tern. ACad BC ut

F ad EF, & compon. AC pl. BC ad BC, .

~ut DF pl. EF ad EF, arque iterum airers.
AC pl. BC ad DF pl. EF ut BCad EF : at-
qui, yp. BC, & EF funt fibi. long.commiéf:
nam fe habentut AB ad DE , qu byp-funt
fibi long. comment. ergoetiam AC pl.BC,
‘& DF pl- EF funt fibi long. commenf.

Fiatergo, ut AB ad DE, itd AC ad DF; .

ergo, utprius, AC pl. BC , & DF pl.EF
crunt fibi long. comment: : atqui AC pl.
BC, bxp. &9 37, 10. eft Binomium ; ergo,
67.10. DF-pl. EF. ejufdem ordinis Bino-
mium erit, adedq; DF minus EF ejufdé ord-
crit Apot, qujus AC , minas BC. %E D.
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PROPOSITIO CV.

R Ellalivea (DE) Apotome Media:
(A8, hoc eff AC minus BC) cé -
menfurabilis, & ipfa Apotome Mediz eft ,.
atque ordins cadems . :
Fiat etiam, ut AB ad DE.fic AC ad DFy
ergo , utprius , AC pl. BC & DF pl.EF .

. funt fibi long. commenf-;adedque, 68.10.

-

. TTEY T

=T W TR TS W - W

DF pl.EF ejufdem ordinis erit Bimedialis,_
cujus AC pl. BC, ac proindé DF pl. EF
ejufdem ordinis erit Apotome Mediz, ct~°
jus AC minus BC. Q.E.D.

PROPOSITIO CvVI.

E&lalinea (DE) Minori ( AB , bos.
eft AC minus BC) commenfurabi=

lis, & ipfa Minorefd . ,
Nain fiat ut AB ad DE, fic ACad DF »
etiam, us prius . AC pl. BC, & DF pl. EF
erunt fibi long. commenf. atqui, byp. AC
pl. BC eft major ; ergo. 69. 10. DF pl. EE
major etiameft, ac proindé¢ DF, minus EE

Minor erit . Q. E. D. :

. PROPOSITIO CVIL
EBdlalinea (D E) commenfurabilis ei
R (AB, boceft AC mmus BC) , que:
cnm rationali mediam: totwm efficit 5 &
ipfa cum rationali medivm totwm efficienss

eft.: C Quepd
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Quippé,ut prius, AU pL. BC eft rationa-~ \
le, ac mediym pogens, &rgo, 70.10. DF pl.
EF erit rationalc, ac medrix potens; adeoq; |
" DF minus EF eritea , qua cum gagionali
thediem totumeefficie. Q. B: Dv

RROPOSITEIQ- CVIIL 3,

. E7a linea (O B commenfurabilis. ei s

[\ (48, hocefl. AC miuns BC) _que '
onin medro medium totum efficit 3, & ipfs;

con. medio, medium: totum efficiens.¢ft-.

Nam ACpl. B, & DF pl. EF fur fibi

bong. commenf. , atqai , byp. AC pli BC

elkbina media potens 3 ergo, 71. 10. DE '
pl: EF bina media potenserit; adedque
DF minus EF eric ea , que cum medio me-

diumcotumefficic. @ E: Ds.
: 4

IRRATIONALES &
Duarem quadysta squantur refidia: poff .
v JubtraGionems medii & Rationali. wel. ~

rationalis: & medio., velmedii = ¢
" & Medio. '

PROPOSITIO CIX. - |

[ Edio.(B) dxationali (4 pl. B) dee

B i0allo, reflalinea (&) », Zu relis
/g 'y Wi, X QUARNS. Frray
;%-” on w540 0 wimiz i, ek Agotome » vel

v
)
N |
s
¢

|
}
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. AdCD expofitamration .Yuf@ fat rectd-
\ ﬁt:!qul zquale cépofito rationali A pl.
, atque tum fiat Fl xquale ipfi' B Medio;

; €180 CE zquabituripfi A, fivé 1pfi Hq.
Quoniam ergo’Cl cft rationale; err,21.10.
| Ck fationalis long. con menf. "ritiorali
. CD: fed quoniam FI eft mcdium’™; erity
23.10 FK rationalislcng. incominenfirs-
aonali CD ;5 adeoqué, 13.10.CK , & I'K
' eruhg rationales fibi pot.tanmim conmén s
| ac preindé, 74. 10- CF cft Apotome. $i
, 1giturtota CK pl. poterit quan congruens
FK quadrato lin¢z (ibi long.commenf.erit

Y.defs ex ters. CF apoteme prina 5 adecq;

- 92.1¢.1inca H erit Apctene, Sin CK pl.
poterit quam FK quéSr:im linéz fibi long.
mcommeaf. crity 4 def. ex rers. CF Agpcto-
N quarty 5 2¢ proinde, 95-10. Jinca Hert
O PROPOSITIO X.
| ¥y Ationali (B) imedio ( Apl. B) des
- ‘tfatlo’s retla lined (H) , quavcli-
qum [patium potefl erit vel Apitcme pri=
mamddie , velea Vque cum ratsonali inc=
dium totam cfficie o '

‘Ad CD cxpufitam rationalem fiat 1é-
&angulum Cl aquale compofite me.io A
pl. B, atquetun. fiat Flzquale 1 fi b satic-
tionali; trgo CE &quabitur ipfi A, five ipfi
Hg. Quomaniergo Cleft medum ; (e,
23. 1o« CK rauonalis lang. incc min.cofe

satic-
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rationali CD : fed quia F1 eft rationale ;
erit, 21.10- CK rationalis,long.commen,
rationali CD ; adedque, 13.10. CK, & FK
crunt rationales fibi pot. tantiim commeéf
ac proindé , 74. 10. CF eft Apotoine . Si
Siigiturcota CK pl-gptcnt quim congrués
'FK quadrato linezfibi long.cominen{. erit,
2.def. ex tert, CF Apotome fecunda s adeo-
que, 93. buj. linea H eric Apotpme peima
mediz. Sin CK pl. poterit quintt K qua-
drato linez fibi long, incomentf, erity g.def.
ex tertiis CF Apotomequinta ;ac proindé,

-96.buj. linea H ericea , qua cum ragionali |

medium totum efficic. Q. E. D.
PROPOSITIO CXI.

MEdio (B) @ medio (A pl. B) detra= .
‘&o, quod fit incommenfurabile toti
(Apl.B); realivea (H') que veliquii
Jpatium poteft erit vel Apotome fecunds
medie, vel ea, que cump medio, medium to
tum efficit . © ~ ‘
* Ad CD expofitam rationalem fiat ret2~
-gufum C] zquale compofito medio A pl-B»
.Atq; tum fiat FI zqualeipfi medio B jergo
E aquabituf ipfi A , fivé ipfiHg. atque,
23.16. 12 CK quin FK' erit rationalis 16g:
Imcommen’ rationali CD 5 ergo CK y &
‘¥ X erunc rationales {ibi pot. tantiim com-
menf, adedque 74.10. CFeft Apoteme, St
t0:a CK pl. poterit quim congruens FK'
seadrato linte il long. commenf: erit |
. S 2
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Liber X, 287 :
pudef.extert, CF apotome tertia ; adeoque :
! 94.buj- linea H erit Apotome prima mediz.
L Sin verd CK pl. poterit qudm FK quadraio
{ Tinee fibi long, incomment. , erit’, 6. def. .
t ex sertiis, CF Apotome fexta ; ac proinde » |
/| 97.buj linea H eritea, quz cum medio, |
’ mediud totum éfficit . Q. EvD- |
. ‘ , |
- PROPOSITIO CXII |
f’. A Pordme (.A) non ¢ft eadem ac Bino=
. &3 minm, o
.. Ad expofitam rationalem BC fiac recla-
%ulum CD =zquale ipfi Aq. ergo 94.10- €rit
D Apotome prima : Sit autem DE ejus
congruens; ergo, 74.10.BE, &DE funt ra-
tion. fibi pot. canum com. & 1.def.ex ters
BE eft leng.commenf. rationaliBC . Iam
. £i fieri potedt , fit A Binomium , ergo, 61.
10+ BD eft primum Binomium , cujus ma~
Jus.nomen {it BF, minus veré FD; erunt,
37-10- BF,& FD rationales fibi pot.tantum
comment., fud, 1.def ex fec, erit BF long.
commen{. ipfi BC, cui,ut prius , eft long.
commenf.ipfa EE;ergo BE ipfi BF, adeoq;
Corol. 16. 10. ciiam BE 1pfi FE etit long.
commen{. adedque FE er1trationalis . At
verd , us priusy, BE , & DE funt rationales
fibi pot. tantim commenf. ergo etiam FE »
‘& DE {unt rationales fibi pot. tantdm co=
inenf. adeoque ,74. 10. FD eft Apotome
fn1empe irration. cit tamé oftenfa fit ration.

Dl - .
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~ _"IRRATIONALES. |
Genitg ex applicatione Quadrati Rationgs |
. Uis ad Binomiums,vel ad .Apatomen ,
PROPOSITIO CXHL. |
Vadratum vationalis ¢ A ) applica~ (!
sum ad Binornium (BC , five BD |,
- pl.DC)latitudinetn facit Aphtomen |
{ EC, five EH minks CH) cju]dent or= fi
dinis : cujus nomina , nempe tota &5’ cone
gruensycommenfurabilia , &r proportionalia’
funt nominibus Bivomii . =~ . | |
. Ad DC minus Binomj nomens fiac DF'
aquale ipfi Aq. five ipfi BE;ergo, 14:6.¢rit|
BC ad CD vt FC ad CE; & divsd. erit ED
ad DC vt FEad EC ;: arqui #7p. BD major
eft quam DC; ergo, 14. 5. erit HE major
quam EC. . S
. Sumatur ergo EG zqualis ipfi EC, &
fiat v¢ FG ad GE ita EC ad CH ; eront
EH, & CH tora, & congruens, five nomi-
na Apotonz EC , quibus conveniunt ea »
quz in Theoremate proponuntur «
- Quoniamenim eft, conffr. FGad GE ut
ECad CH; erit, tomgon. FE ad GE, fivel
ad CE vt EH ad CH ; ergo; 12. s.erit FH
ad EHutEHad CH : igigur . -
. ¢ TH ad EH (s prius)
Zqu. ha 2 EH ad CH (urprius)
Rauones ™ FE ad EC (ws prius ) I
\ 5D adDC

Aﬁqui) 1
l

s
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Atqui, byp. BD & DC funt fibi pot.come
menf. ergo 10.bu4j. EH , & CH funt etiam
fibi pot. commen{. Atqui,ssprius, FH,
EH, & CH funt continué %%yortionalcs
€Ig0, Corol. 20.6. erit FHqéd EHq. ut F
ad CH, fed FHq. & EHgq. funt fibi comenf.
(Nam FH, & EH funt oftenfz fibi pot. c6=
menf.) ergo, 10.10. FH, & CH erunt fibi
loné- commen{. adeoqué 1£.10- etiam FC
& CH . Cazterim ,byp- & 37.10. CD cft
ratiomalis , & DF , fivé Aq. cft rationals ;
ergo, 21.10. CFeft rationalis, long. com=
ienf. ipfi CD;ergo etid CH (cui, wt prius,
ipfa CF eft !on‘g. comment.) eft rationalis
long.commenf. ipfi CD : atqui, ut prius,
EH, & CH funt oftenfz fibi pot-commen{.
ergo ctiam EH eft rationalis 5 adedquey74e
buj, EC eft Apotome, cui congruit CH «
Quod primé eratdemonftrandum. -

Porrd, ut prids et EHad CH ut BD ad
DC, & altern. EH 2d BD it (Had DC.
‘Quod fecundo erat demonftrandum .

Deindé, quoniam , usprins CH , 8 DC
“funt fibilon g. commenf. ergo; 10.5uj. etid
EH, & BD funt fibi long.commenf: adc

15.10» itd poterit BD plufquam DC,ac E
plufquam CH quadrato linez fibi long.c6-
nmienf. velincommenf. Item fi i BD,erit

~ etiam EH , finveré fit DC, eritetiam CH

rauonaliexpofitz long. commenfurabilis :

quod fi nec BD, nec DC ; ita etiam neque

EH, neque CH eidem rationali long.com-

menfurabiliserit; adedque,ex secundis, ¢s’

teri.def, qualecunque Binomiumfit BG,
- . N cjufdem
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cjufdem ordinis Apotome erit EC . Quod
demum E.D.

PROPOSITIO CXIV. -

o \V adratum Rationalis ( A) ad Apoto=
\ men ( BC , fivé BDminis CD )
applicatum latitudinem facit (B E)
Binomium, cujus nomina (BH, H E ) funt
long. commenfurabilia, & proportionalia
date Apotome nominibus (BD ,CD):
Binomiumque ¢jufdem e} ordinis, ac Apos
tome . .
~ AdBD rotamapplicetur BF zquale ip
Aq. fivé ipfi CE ; ergo, 14.6. erit recipro-
€& BEad BG, ut BD ad BC, & convert.crit
BE ad GE, ut BD ad CD . Tum fiat ut
compofica BE ad commpoficam GE fic abla-
ta HE ad ablatam GH ; ergo, 19. . erit
refidua BG ad refiduam HE, ut tota BE ad
totam GE, quz confr. func,ut HE ad GH ;
ergoerit BH ad HE, ut HE ad GH; adedq;
Corol. 30. 6. crit BHq. ad HEq. ut BH ad
GH: Atqui BHq. & HEq. funt fibi com-
menf. ( Nam , ur prius , ¢ft BD adCD , ut
BE ad GE, quz funt,us prius;ut BH ad HE,
atque BD, & CD, utpoté nomina Apoto-
mz, funt rationales fibi pot. tantim com-
menf. adeoque 10.10. BH, & HE funtcu
{ibi pot. tantim commenf.) Ergo ,10. 10+
BH, & GH funt fibi long.commenf. adcog;
cor. 16.1c. etiam BH, & BG funt fibi lorg:
commenf. Quoniam veré Aq. fivc BFra-
' " tionale
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tionale applicatumn ad rationalem BD , fa-
cit , 2I. 10. latitudinem BG rationalemn ,
long. commerf.ipfi BD ; idcirco ena BH
(quippé quz oftenfa eft long.comenf. ipfi
BG) erit rationalis, eidem BD long.com-
menf. Atqui HE dftenfa eft pot. tantimh
commenf. 1pfi BH rationali; ErgoBH, &
HE funt rationales fibi pot. tantith com-
menf. adedque, 37 10. BH pi. HE eft Bin
somium . Quod primo erat desnonfiran~

um .

Tutn, quoniam, ¢ prius , eft BH ad HE,
ut BDad CD;ergo,altern, erit BH ad BD
ut HE ad CD : atqui, «s priusy BH ,& Bls
fant {ibi long. commenf. krgo , 10. 10.
etiam#E, & CD erunt fibi long. comenls
Adeoqué Binonii nomina funt preportio-
nalia, & long. commenfyrabilia nomini-
bus Apatomz . Quod eragy deindé often-
dendum-. S

Poftrems, 15.10.¢odem modo BH plaf-
quam HE, acBD plusquim CD poterit

.quadrato linez fibi long. commenf. velin-
-commenf. Eodemque, 10. buj, patiter mo=
-do erit BH, ac BD » vel erit fimiliter HE »
-ac CD long. commen(, expofit rationali,
-& i illorum nominum peutrum , horum
-etiam, neutram . Adedqué, ex fecundisy °

tertiis def, Binomium BH pl. HE ejufdem

- erit ordinis , ac Apotome BD mimis CD .
-Quod demuin erat demonftrandum «

f N 2 PRO-
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?ROPOSITIO CXyv.

1 fpatium (AB) contineatnr f[ub Apo<
toma ( AC, fiv? CE minis ABE) &r
Binowsio (CD pl BD) cujus uomina fint
proportionalia , & long commenfurabilia
nomintbas Apotoma ; re@a linea (F) [pa=
Tium (AB) potens, ek Rationalis .

Sit G quavis rationalis, & fizt CH 2qua-
feipfi Gq. Ergo, 113. 6w} erit BH (five HI
minus IB) Apetore, atque erunt {ibi long-
c&meuﬁ"Hl &CD,uti &! B, & DB’ uin
erit HIad B], ut CD ad DB, qua funt,byp.
4t CE ad EH ; ergo, 11.5. ¢ altern. erit,
uttota HI adtatam CE, ficablata BI ad
“ablatam EA ; ergo, rg.ﬂerit refidua BH
“ad refiduam AC, yt tota HI ad totam CE,
fivé atablata Bl ad ablatam EA .: - Atqui,
‘x2-10. GI, & CE funt fibi long.commenfs
(ﬁuippé tam CE ex byp. quim HI, sz prius
‘eft long.commenf.eidem CD) Ergo,1c.10
‘BH, & AC funt ctiam £ibi long. comment

-adedque; 1.6. & 10.10. etiam HC , & BA

funt {ibi commenf. Sed HC , hoc eft GGq.

_eft Rationale; ergo BA, fivé Fq. crit ra-

tlomlé,:)c proincfe‘ lineaF eft rationalis «

- COROLL. Hinc fieri poteft,ut fpatium

rattonale contineatur fub duabus redtisic-
rationalibus .

PRO-

d
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PROPOSITIO CXVI.

“A ' Media (AB) funtinfinita I'rratios
nales (BE , EF tre.) & nulla ali=
cui antecedentivm eff eadem .

Sit AC expofita rationalis , ad quam ap<
plicatum fit fpatium AD ; ergo, 1.lemm. ad
28. buj. AD eft Irrationale: Tum in AB
protraéta fumatur BE , quz pofiit fpatium
AD; ergo, 11.defibuj. BE eft Irrationalis,
nulliantecedentium conveniens ; nullum
enim quadratum alicujus hucufque expli~
catarum irrationaliii applicatum ad ratic-
nalem , latitudinem efficit Mediam ¢ Per-
ficiatur deindé re@angulum DE ;ergo, cite
lewm. DE eft irrationale ; & proindé, cit,
def.reéta EF, quaipfum poteft eft irratio=
nalis, & nulli priorum cadem ; nullum
enim hucufque demonfiratarum irrationa«
‘Hum quadratum ad rationalemapplicatum
htituﬁincm efficitipfam BE ; & fic porro
deinceps infinitz invenientur irrationales ,
& earum nuili antecedentium erit cadem.

.. »

PROPOSITIO CXVIL

P Ropofitum fit nobis oflendere , in qua<
dratis figuris(B D) diametrum (AC)
latevi (AB) incommenfurabilem effe .
Siquidem, 47. 1. eft ACq.ad ABq. ut 2.
ad 1. quz non funt ut numerus quadratus
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ad numerum quadratum ; €rgo,9.buj. AT
eft lonég. iscqmmcnfurabllis ipi AB,

SCHOL. Celebrariflinpum ( ut ait Bar-
rovvius ) eft hoc Theorema’ apud veteres
philofophos; adeout qui hoc nefciret, cum
magnus PLATO non hominemm, fed pecu-
dem diceret . '

LAVS DEO.

LIBER
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s Olidum eft, qued longitu-
dinem, latitudinem , &
® crafficudinem habet.

\l’ Solidi autem extremum cft
RIFTe2Y  furerficies .

3. Lincarea eft ad planum recta, cum
ad re@tas omnes lineas, 4 quibusilla tangi-
tur; quaque in propofito funt plano, rectos
angulos efficit .

4. Planum ad planum re@tumeft , cim
re@zlinez ;' quz communi planorum fe-
&ioni ad rectos angulos in uno planorum
gﬁcl:untur, alteri plano ad rectos funt an-

ulos. = = -

5. Redz linez ad planum inclinatio
eft, cim 4 fublimi termino re&e illius li-
nez ad planum dedu&a fuerit perpendicu-
laris , 2tqued pun&o, quod perrendicula-~
ris inipfo plano fecerit, ad propofit illius
linez extremum, quod in éodem eft plano,
‘altera re®ta linea fuericadjun@a; eft, in~

uam, angulus acutus ipfa infiftente linea,
& adjun&d comprehenfus . '

4. Plani ad planuim fnclinatio, eft an-
gulus acutus retis lineis ¢onrentus, quain
utfoque planorum ad idem communis fé-
&ionis punftum du&tz, retos cum fedtio-
ne angulos efficiunt .

o ' N 4 7 Ph‘
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7. Planum ad planum fomilicer incli.

natum effe dicitor , atque alterum ad alte--

rum, cum di&i inclinationum anguli inter
fe fuerint 2quales .
8. Parallela plana fant, quz zqualibus
feruper diftantintervallis . .
9. Similes folid2 figurz funt, quzfimi-
ligus planis continentur,multitudine zqua-
10. Equales, & fimiles folide figure
funt, quz imilibus planis, multitudine, &
magnitudine zqualibus continentur .
x1. Solidus angulus eft plurium , quim
duaram lincarum, quz fe mutuo contin-
gant, nec 1 eadem fint fuperficic, ad om-
nes lineas inelinatio.- -
A L I r E 'R . ’ .
- -Solidns anguluseft, qui pluribus, quim
ducbus planisangulis, 1n codem non con-
fiftentibus plano, fed ad unum punétum
conftitupis, continetur . - - o
. 12, Pyramis eft figura folida; qua pls-
»is contiperur,ab uno plano ad unum pun-
&um conflituta « C e
13. Prifmaeft figura folida , que planis
continetur , quorum advetfz duo-funt &
xqualia, & fimilia, & parallela ;-alia vero
parallelogramma . I .
14 Sphara eft, quando , femicitculi
manente diametro , circumduotus femicir-
culusin fe ipfam rurfus reyolvitur, undé
moveri caperat, circumaffumpta figura .
» 15, Axis autem fphare , cft quicfcens
illa re&a linea, circum quam femicirculus
convyertitur . 16. Cen-
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6. Centrum fphera eft ideny,. quod &

femicirouli -

17. Diameter autem- fphzra, eft reéta
quadam linea per centrum duéta » & utrin-
que 3 fphzra fuperficie terminata.

18. €onus eft, quandore@anguli trian-
guli manence uno latere eorum: , quz
circa retum angulum , circundu&tum
triangulum.in fe ipfam rurfus revelyitur ,,
undé moveri ceperat ,. circamaffumpta fi~
gura.

Atque fi quiclcens-recta linea 2qualis fic
selignz , que cirea reGum angulum con-
vereitur, Orthogonius erit conus ¢ Si verd.
minor Amblygonius: St verdmajor, Oxy-
gonius .

19. Axis-autem goni , ef quicfcens.illa
lnea, circum quam. triangulum vertitur .

20. Bafis.verd. coni cft circulus.,. qui &
sircumdulla linea re®a deferibitur . )

a1 Cylindrus et » quando rectanguli
parallelogrammi manente uno latere eo~
sum ,qua circa reGtum-angulum,. circun-
du®um parallelogrammum io. fe ipfum.
rurfus. revolvitur ,. undé czperat moveri ,.
circumaffumpta figura .

...22. Axis autem eylindri ,. eft quiefcens:
illa: reta linea, circum quam parallclo-
grammum convertitur.. =

23. Bafes vero cylindri fant circuli &
.duobus. adverfis lateribus , qua gircum-

aguntur,. defcripti . Lo

24. Similes coni & cylindri funt, quorii
& axes: , & bafiunrdiametri proportionales:
fanz. Ns 25- Cubus.
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“circum quam defcribitar .
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a5. Cubus eft figura folida fub fex qua-
dratis zqualibuscontenta. - -

26. Tetraedri eft figura folida fubqua-
tuor triangulis 2qualibus , & =quilateris
contenta. ~ ‘
© 27. Oftacdrum eft figura f-lida fub oto
triangulis zqualibus , & zquilateris con-
tenta .

- 28+ Dodeesedrum eft figura folida fub
duodecim pentagonis zqualibus , & =qui-~
lateris, & zquiangulis contenta .

29. Icofaedrum eft figura folida fub vi-

‘gintitriangulis 2qualibus y & =quilateris

. ‘contenta .

" . 30. Parallelepipedum eft figura folida
fex figuris quadnlateris , quarum , quz €x
-aduerfo, parallelz funt , contenta. .
31.-Solida figura in folida figura dici~
tur inferibi , quando omnes anguli figure
infcripte conftituuntur vel.in angulis, vel
in lateribus ,-vel denique in planis figurz,

“cui inferibiturs

32. Solida figura folidz figurz viciflim
‘circumfcribi dicitur y quando velanguli,
vel latera , vel denique plana figurz cir-
cumferiptz tangunt omnesangulos figuraa

PROPOSITIO L -

RBﬂa linea pars quadam ( AC ) ;nari
: eflin fubjeclo plano ( DE), quedam
werd (BC) in fublimi \ o

In

(. .
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Infabjeo plano DE producatar AC in
dire@um ufque ad F, $i jam vis, re@am BC
effe ctiam in direGtum ipfi AC 5 habebunt
doz retelinez ACB, & ACF commune
fegmentum AC : quod, 10. 24 1. fieri ne-
wt..‘ -. ) .- . . L

PROPOSITIO IL.

M duereilalinee ( AB, & CD) Je
A mutud fecent 3 in und funt planc : at~
que omne triangulum (DO B) in uno ef}
plano. :

Sit enimh, fi f. p. 3g1i DOB parsquadim
OFG inuno plano, pars verd FDBG inal-
tero; ergo ipfius re@= OD pars OF eft in
fubjecto plano , parsvero FD in fublimi ¢

"quod , 1.1¥. fieri neguit ; adedque glum

ODB inuno eft plané,proindequé & reétz

-OD& OB; ergo 1. 11. etiam totz AB &
- CDincodem funt plano. Q._E.D-.

PROPOSITIO IIL

‘ S T duo plang (AB, & C D) [e mutud

Jecent 5 communis eorum feltio (EF)

efirelialinea. _

Nam fi communis fectio EF non cred2-

" tureffe re&ta linea ; ducatur in plano AB
"~ retaEHF, & in plano CD reéfta EGF ;er~

go hz duzreGtz , quoniam eofdem habent

- termitios B & F, fpatium claudent : quod,
" 14.4x.1. ficri nequit..

N6 PRO-
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PROPOSITIO IV.

SI refla Linca (K O) duabus reldis lineis

(A8 > CD) fe mutnd fecantibus in
communi fellione ( K ) perpendicnlaviter
mfifar 3 illaduiZoetiam per ipfas ( AC
BD ) plano ad angulos reflos evit .

In fubjeo plano duc utcunque redtas
AB& CD fe decuffantes in Bun&'o K, &
fintted2 KA, KB, XC, KD £ibi mutud
zquales, 8¢ junge re&as AD, DB, BC, CA,
& per K ducatur quavisre@a Gl , atque
jungantur é nano fublimi O re&tz OA,
0G, OD, OB, 0L, OC. Quoniam ergo-s
conflr, zquancur KA, & KB, uti & KD ,.&
KC, & 15-1-angulus AKD angulo BKC:
erits4. 1. AD 2qualisipfi BC, necno angu-
lus KAG angulo KBI :atqui, 1. 1. etiam
anguli AKG & BKI zquécur; uti &, confr,
retz KA 8 KR ;. ergo, 26.1. zquab. AG,
& BI, uti & KG, &KI : Deindé in 2glis
OKA)OKB,OKC:&OKDZ aturycon/fr,
fibi mutus KA, KB,KC & KD, atq; KO
_eft comunis, necnom; byp. anguli in K redti
funt; ergo,4. 1. equiturbafes OA,0B,0C,.
& OD: Tridgula l{girur AOD, & BOC fib1
-mutuo-equilatera funt jadeoq; 8. 1.angulus
D AO-zquaturangulo CBO jergo, 4.1.inv
28lis AOG: & BOI Fquantur ibi- tnutvo
OG, & O1 , acproindeé etiain: 2g1a OKG:
& OK{ fibi mutud aquilatera siit; ergo,8. 1«
anguli OKG & OK] funt fibi zquales.,,a¢

- . proin=-

i



- e e e ———

T T e -—

it Liber X1. - " jer
oindé,10.4ef 1. uterq;re@us eft: cademq;
:::ionq ;ﬁmétur.lingam OK cti omnibus
in fubje&to plano dedtis reis lincis angu-
Jos re&tos conflituere ,adeoqué, 3. defs 11~
«d plapum retameffe . Q. E. D.

"PROPOSITIO V.

S I retla linea (AB) tribus relis lineis
(40, AD, AK) [e mutnd tangentie
bus in communi felliane ad relfos angulos
infiflat s illatres resla in uno funt plano .
Nam AQ, & AD, 2.11. funt in uno pla=
RO, item, 2. 11. AD & AK.dcbent effe in
uno plano : Iam fj vis hac plana effe diver-
fa; it, 3.11. communis eorum fe@io recta
AC : Igitor, byp. BA perpendicularis eftf
rectis AO, & AD ; ergo, 4.11. cadem BA
perpendicularis eft plano EC : adeoqué
3.def.11.ipfi reffz AC perpendicularis eft:
atqui , 2. 11. BA' eft in codem vlan» cum.
AC & AK;ergo anguli BAC & BAK erti¢
in eodem plano ,-& ambo rect , & proindé:

pares, parstoti » Q.E. Ae

PROPOSITIO VI~

VI dys relta linee, ( AB, DO ) eideny
plano CEF) adrellos [int angulos 5-

_ parallels exunt interfe .

Ducatur AD;, cuiin plano EF perpendi-
¢ularis fiat DC zqualisipfi AB', jubgan~
wrque BD, BC, 8 AC . Jam vero; sonfir-
in 3glis BAD & ADC anguli in A %.D'

: sedti
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re&ifunt & BA, & DC aquantur  atque
AD eft commuynis, crgo"; 4. 1. 2zquabijntor
BD, 8& AC; adeoque; 8. 1. in 3glis BAC
& BDC fihi mwtud zquilateris angulus
BAC qut, bvp. reQus eft ; =quatur angulo
BDC, fed ctiam , "2,[16 angulus CDA re-~
Guseft & angulus CDO reftus ponitur g

ergo re@a CD perpendicularis eft tribos
sectis, nenapé DO, DB, & DA, quz proin-
d¢, <. 11. inuno eodemque funt plano, in
quo, 2.1T. etiam AB firaeft ; quonii ergo
AB & DO in eodem funt plano, &, byp.
anguli interni BAD , & ODA redti funt ;
erunt,28.1. AB,& OD fibi mutuo paralleles

QE"D‘ i .
PROPOSITIO VIl

¥ duz fint parallele refz lines ( AB,
CD) in quarum utraque [nmpta fint
guslibet punétn (F, E) s illa linca (EF)
gua ad hec puna adjnngitur , in eodem eft
cum parallelisplano (4 BC D).
Planum,in quo funt AB,CD fecet aliud
planum per pun&ta E, F; fi jam EF noneft
mplano in quo. funt AB , €D ; illacom-
. munis feCio non erit ; fit ergo wtrinfque
plant communis fe&tio linea EGF ; hzc
-aiique, 3. 11.reda erit jadegque duz redla
~ fpatium comprehendent. Q.E.A

PRO-

.- -

L s .
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PROPOSITIO VII !

Sl dua fint paralelle rella linca ( AB;
DO ) quarum altera (AB) perpen=
diculariter cuidam plano (EF) infiftat;
etiam reliqua cidems plano ad angulosreles
erit ' . . ,
A,dhibita conftruftione, & demonfira=
tione féxta hu'us; anguli CDA, & CDB
redti funt ; ergo, 4. 11. CD re@a cft plano
per AD, DB {inquo propterea, 7.11. €riit
& ipfe AB, DO) ; ergo, 3.def.11. CD iph
DO perpendicularis eft, atqui,byp.& 20.1.
angulus ODA ctiam geétus eft 5 ergo,
4+ 11, OD 1e&a eft plano EF . Q. E. Do

PROPOSITIO IX.

Ve (B A, DC)eidemrelinlincs

EF) [untparallele , fed non in co=

dem plano ; [unt quoque inter fe parals
l‘la [ ] -

In plano parallelarum AB, EF ducatur
1K perpendicularis ad EF, & ex puncto K
ducator in plano parallelarum EF, CD re-
&a KO perpendicularisad ipfain EF; ergo,
4-11. re@a KE, fivé EF perpendicularis eft
plano K1Q, atqui AB & EF , byp-. funt fibi

arallelz , & ut prius EF re@a eft plano
}I)KO ; €rgo, 8. 11, etiam AB eidem plano -
reCtacft ; itd ctiamquoniam , byp. ElF)'C&
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DC funt ibi parallelz , atqui, ## prins EF
eft re®ta plano IKO ; eritetiam D€ reéta
eidem plano 3 adeoque, 6. 11. AB & CD
funefibi parallelz. Q.E.D.-

.. PRQPOSITIO X.

SI duarefie linea (HC, H B) fe mutud
. tangentes, ad duas alias fe mutud tan<
gentes (OM, ON) fint parallcle ,non an~
2w in-codtm plano ; ille angulos aquales
CCH B, NOM) comprehendent:.

Fiant HC, HB, OM, ON fibt zquales,
& du“mur EM-’ MN ’ NG’ CB, 0’0
Quoniam-ergo , byp. o confr. HC & ON
fancfibi-parallelz 8 zquales'; erunt, 23.1.
fibi parallelx, & zquales ipfz NC, & HO;
itd ctiam, quonianrHB 8 OM fam fibi pa~
rallelz, & zquales ; erunt etiam HO & BM:
£6bi parallelz & mquelesy adeoque , 9. 11s-
NC, & BM funt fibi parallelz, & 1..ax: 3.
fibi zquales : adeoque’y 23+ 1. CB & MN:
funt ctiam fibi-zqualts: ergo, 8 L. in ﬁlls:
#quilateris CHB & NOM anguli in H.&:
© fibimotuo zquantui. Q E.D.

PROPOSITIO X
" Duato puntlo. (A in [ublimi- ad!
k> fbjetlum: planum. (BT perpen=
Aicnlavem veam lineam (AK) ducere ..

In plano fubjecto- ducatur utcunque: -

nea. LD, ad quam,, 12 Tcxponéto A: de-
T mittatur
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mittatur perpendicularis AL , atque in cos
dem plano fabje@to per punétum L ducatur
11- 1. perpendicularis ILF indefinita =
Tum,12.1. ad lineam ILF ducatur ¢x pun-
&to A perpendicularis AK ; dico faltom «
Nam per K ducatur in plano fobje&to linea
OKE parallelaad BLD : & quoniamscenfr,
BD perpendiculariseft ad AL , LK ; erit
etiam , 4. 11, perpendicularisad planum
AKL; adeoque & linea OE, quz, confir. pas
rallela eft linez BD ; erit, 8. 11. reta ei-
dern plano AKL : Quoniam veré, 2.1l
AK in codem eft plano cam redlis KL &
AL, & tangis re@tam OK inK ; erit, 2. defe

. 11 angulus AKO seftus, adeoqué AK ipfi

KO, [ uti &;confr. ipfi KL perpendicularis
erit), ag proindé, 4, 11. re&a eric fubjeéto
plano. = Q. E.F. .

PROPOSITIO XII -

DAto plano (BC) d punllo (A4) Grod
’ in illo datamefd, perpendicuiarems
(AE) excitare . B

A’ quovis extra planum-punélo F fublis
.mi duc, ra11. perpendicularem FD plane
BC, & jungatur AD, & fiat, 31.1. AE pa-
rallela ipfi DF; dico fatum . Quoniam
enim, conffr, FD» perpendicularis. eft plano
BC, & EA parallela eft ipfi FD 3 erit etidy,
8.1r. nga EA perpendicularis ciaem planor

PRO-
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. 'prorosiTiO XL .
D'Ato plano (AB) 4 punllo (C) quo‘é

inillo datum eft > non excitabuntur
ad eafdem paries dug perpidieniares (C D
CE). . . .
* Quoniam enim he duz linéz fe mutnd
fecant, idcirco funt in eodem plano;quod
fi otraqué dicaror effe perpendieularis pla-
no fubje@o ; effent, 6.11. {ibi matuo paral-
Ielx , ciim tamen exiftant in codem plano,
& conveniant in eodem puncto C: qua
quidem fe mutud elidunt .

PROPQOSITIO XIV.

I cadem linea refla (AC) ad duo plana
(EF , GH) perpendicnlaris fie s bec
plana erunt fibi mutud pavallela o
. Sumatur n planorualterutro EF quod-
vis pun@um B, ad quod ducatur AB; erunt
2.11. AC, & AB ineodem plano; Tum,
31.1. ducatur ex punéto B linea BD paral-
lelaad AC; eritetiam , 8.11. BD perpen-
dicularis utrique plano ; quod fi jungatur
. Jinea CD ; ciunt, 3.defi 11, anguli ABD,
CDB re@i 5 ergo 38.1. AB& CD funefibi
atallelz ;i adeoqué figura ABDC eft pa-
iTelogrdmmum, ac proindé , 34. 1. BD
quz oftenfa ef} utrique plano perpendicu~
laris, zquatur ipfi AC ; eodemque modo
oftendetur omnes utrique plano perpendi~
A culares,

-
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~ culares, zquales efi ; ac proinde planaer.:

inter fe parallela, quandoquidem jifdem

" femper diftant intervallis.

: PROPOSITIO Xv. .
Sldu rette linew (AB, AC) fe muty
tangentes ad duas reflas lineas (DE,
DF) non in eodem confifientes plano, & [e
etiam mutud tangentes, fint parallele; pa-
rallela funt qua per ipfas ducuntur plana .
Ex A, 11.11. duc AG re@am plano EF, -

. &, 31.1-in eodem plano EF fiant GH, GI

parallelzipfis DE, DF ; erunt etiam, 9.11.
GH, Gl parallelz ad AB, AC. Quoniam
igituryconfir.s’ 3.def 1 angulilGA, HGA
rectifunt ; cruntetiam, 29.1. anguli CAG,
BAG refti; ergo, 4.11. linea GA re&ta et
plano BC; atqui cadem AG , confir. refta
eft plano EF; ergo 14. 11. ipfa plana funt
fibi parallela. Q. E.D. : :

PROPOSITIO XVI.

SI duo plana parallela (AB, CD) pla<
D 10 quopiam ( HEOGF ) fecentur 3

" communes [eGiones (EH, GF) erunt etii

fibiparallela . :
Nam fi dicantur non effe parallelz,cim
fint in eodem plano fecante,convenient ali-
cubi, utputa in O: Atqui,2.11. totz HEO,
FGO funt in planis AB, CD produétis ;
trgoipfa etiam plana conyenient in pun-
&0 O ;contra hyp. PRQO-
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PROPOSITIO XVII.
QL dueretielinea ( ACE, BDF) pas

rallelis planis (IH , LK y NM) fe=

centur 5 incadem ratione [ecabuntur ( boc
e ACad CEutad BD ad DF.) _

Ducantur lin z AB, CD, EF, & junga-
tur AF . Quoniam ergo, byp. plana funt pa-
sallela ; eruntetiam, 16.11. fibi parallele
communesfediones AB, CD,EF; ergo,

2.6. erit BD, ad DF ut AO ad OF, atq;hz

wt ACad CE ; ergo, 11.5.erit BD ad DF
- wtACadCE. Q.E,D. '

.. PROPOSITIO XVIIL

: SI refda linea ( AB) plano cuipian
(C DY f5t perpendicularis; etiam ovye
nia, que per ipfam( A B). ducuntur; plama
(EG &rc.) eidem plans (C D) perpendis
eularia erunt.
- Du@um fit per AB planum quodpism
_ &G facienscum plano CD fedionemFG
" reétam lineam, ¢ cujus aliquo piicto H du-
catur 5 31.1. linéa HI parallelaipfi AB;
erit,8.11. HI etiam re&a plano C D, re@ta-
que etitm erunt eidem plano omnes per-
. pendiculariter du@z ad feftionem GF ; er-
£0; 4.dcf.11. planum EG reGtum cft plano
. CD, eademque ratione ipfi plano CD reéta
. ¢5ynt omnia plang ducta per AB .P%(FS;D.
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. PROPOSITIO XIX.

1 dwo plana (AB,CD ) femutud fe<

cantia plano cuipiam ( GM ) ad ree

Eos fint angulos; communis exiam corum

Jellio (EF) cidem plano (GM) ad relos
angulos evit .

Quoniim enim plana AB, CD ponuntur
refta plano GM; ergo, 4.d¢f.11. ex pun-
&to F fompto in utroque plano AB, CD
duci poterit perpédicularis ipfi plano GM,
Qua tamen, 13.11. unicaerit, & propterea
corundem planorum commaunis feétio .

. E»

PROPOSITIO XX.

I folidus angnlus (O BC D) tribus plas
nis angulis (BOD,DOC, BOC) cone
gineatur; ex bis duoquilibet,ut ut affumpti,
veliguo funt majeres « v
Nam fi tres anguli funt equales ; reseft
-clara ;: finverd inzqQuales , maximus efto
-BOC, ex guo anferatur BOA -zqualis‘ilpﬂ _
at OD =zqualis ipli OA : du-~
canturque BAC, BD,DC.
Quoniam Jatus BO communeeft ,& OD
zquaturs conflr. ipfi OA , & angulus BOA,

-angulo BOD ; erit, 4. 1. linca RA 2qualis

lincz BD : fed, 20.1. BD pl. DC majfunc
, quam



310 Elem. Endidis

quim BC; ergo, fubduchis zqualibus BA ,
& BD ; erit, 5, ax, 1. DC major, quim
AC: atqui,conffr. OD zquaturipfi, OA,
& latus OC commune eft, at vero,» prius,
bafis DC. majoreft Budm AC ; ergo erit,
2. 1. jangulus COD major quim AOC;
adedq; 4-4x. 1. BOD pl. COD maj. funt
quim BOC. Q:E.D.

PROPOSITIO XXI

OMni: Jolidus angulus fub minarih: N
| qudm quatser relis angulis planis 4
contivetur . .

Efto folidus angulus O,& planis angulis
ipfum componentibus {ubtendancur rectz
BC,CD, DE,EA, AB inuno plano exi-
ftentes. Quo fato cenflituitur Pyramis,
cujus bafis eft Polygonum BCDEA, ver-
tex O, totque cinéta triangulis, quot plani
anguli componunt folidum O . Jamverd »
quia, 20. 11. duoanguli OBA , OBC ma-
jores funtuno ABC, & duo OAB, OAE
majores funtuno ABC,& duo OAB,OAE
majores fant tertio BAE, & fic deinceps;
eruntrriangulorum COB , BOA , AOE,
EOD,DOC circabafimanguli fimul fum-~
pti majores omnibus fimul fumptis angulis

+bafis pyramidalis BCDEA: fed, Scboh:32.1.

anguli bafeos una cum quatvor re@is fa-

ctunt bis cot reGos , quot funt latera , five

quot triangula; ergo, 4. ax. ¥. omnestrian~

gulorum circa batim anguli una cum quas
wor

|
l
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. tuor re&tis conficiunt amplius quam: bis tot
1 rectos, quot func criangula sergo fubduétis,
, hinc, arque illinc angulis circa punQa A,
. By C, D, B3 erunt anguli folidum angu-
| lam componentes minorcs 4. angulis rectis.

, PROPOSITIO XXII

I fuerint tres anguli plani( A;B,HC1I)
quorum duo utlibet affimpti reliquo
y funt majores , comprebendant autens iljos
f dl’”dlf’ relin lines ( AD, AE’ BF, BG,
CH s CL) fieri poteft ut ex reidis lineis
equales illas rellas comeBentibus ( DE,
FGy HI) triangulum conflituatur .
Fiat emtm angulus HCK zqualis angulo
B, &linca CK linez CH, ducantutque
KH, & KI ; Igitur, 4. 1. zquabuntur KH,
& FG, & quoniam byp. angulus ICK ma-
jor eft angulo A,& latcra hosangulos com-
prehendentia funt 2qualia; erit , 24.2. DE
minor quawmn K], quz, 20.1. minor eft quam
H1 pl. HK, hoc eft, u? prius,quam Hi plus
F& : fimilique ratione oftendentur quavis
.duz reliqua majores ¢ffe; aci proinde, 22. 1.
ex his 3glum conftitui poteft . Q. E.D-

PROPOSITIO XXIIL
X tribus angulis plauis (A4, B, C) qui

fimul fumpti quatuor angulis reliis

[int minoresy & quornm duwo-guomcducrne
eue

- = . s

- e 3

T EE e Ty
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que affumpti reliquo fiut majores folidwm
angulum (OL I K ) covflituere ,

Fac AD, AE, BF,BG,CM, CN 2qua.
tes inter fe, & 22.11.ex fubtenfis DE, FG,
“IN, vel ex cotidem ipfis =zqualibus fiat
riangulum LKI, circa quod, §. 4. deferi-
Jatur circulus .

. Oftendendum autem hic primo eft ma-
orem effle AD quim LR femidiametrygmn;
Namalids AD , vel effet minor quim
yelipfi zqualis . Si zqualis ; ergo zqua-
buntur eam LR , & RK tam ipfi AD,
Bx:lm cetetis AE , BF &, ; atqui, confir.

DE, & LI 2quantur ; ergo, 8, 1. angulus
A angulo LRI zquabitur , fimiliqué ratio-
neangulus Bangulo LRK, & angulus C
angulo JRK : atqui, byp. A pl. B pl. C mi-
nores funt quatuor angulis reétis; ergo etia
tres anguli circa idem pun&um R minores
erunt guatuor angulis redlis . Q- E. A.
Sin verd dicatur AD minor quim LR,
fiant RV, & RP zqualesipfis AD, & AB,
& ducatur PV . Quoniamergo, 7. <. eft
RI2dRPutRL adRV 5 erit, 2, 6. PV
paraliclazd IL 5 adeoqué;ag.1. 312 PRY,

- & JRL erure fibi zquiangula; ¢rgo 5 4+ 6.
erit R1 ad 1L ur RP ad PV, atqui RIma-
jor cft quim RP; ergo IL, hoc eft DE
major <11t quim PV : gitor quoniam, f.
Lyp. AD, & AE zquanturipfis RP, & RV
& bafis DE major et , ut prius quim PV
€11ty 25. 1. angulus A majorquim PRV :
€ademg; rationce oftendetur angulus B ma-

jor
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jor, quim LRK, & angulus C major qudm
RK; ‘Quod eft abfurdum : Nam tres an-
#uli dati-plani minores funtquatuor reis,
anguli vero circa punctum R funtquaruor
re&is zquales ; ergo AD majoreft quim
"LR : Quod & fimili tatione oftendetur in
‘cazteris cafibus ; quando nempé centrum
«circuli eft extra 2glum LKI, vel in yno ex
2aceribus ipfius «
Inveniatur ergo exceffus ORq.quo ADq.
-majus eft quim LRq. & 12. 11. excentro
circuli erigatur- OR re@a plano ejufdé cir-
culi, & ducanrurOL, OK, OI . Quonia
€rgo, confir. 9 3.def. 11, angulus LRO re-
€tus cft ; erity 47-1. OLq. 2zquale ipfi com-
pofito ORq. pl. RLg., cuiconfir. zquatur
ipfum ADq. ergo zquabuntur OL, & AD:
fed & zquantur, I§.def.e 2,4x.1. OR pl.
RL,&O0R p.RI, & OR pl. RK ; erge
zquabuntur OL,0],0K tam inter f¢, qud
ipfis AD,AE,; &c.: fed & zquantur, conflr,
bafes DE,FG,& MN lateribus 3gli infcti-
ti; ergo,8.1. zquabiitur anguli A,& LOI:
5, & LOK: C, & 10K ; adeoque fattus
eft angulus folidus ad O extribusangulis

planis datis . Q~ Eo F- :

PROPOSITIO XXIV.

q1 Jolidum (ARB) parallelis planis con=
o3 tineatur 5 adverfa illius plana fuue
pgra fimilia, & aqualia .
Quoniam plarem AC, fecans plana pa-
tallela facit, 16.11. fi&tiones AR, DCpa-
: tO 7 rallelasy
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rallel: s, & focans plana parallela AE, BH,
facit {c&iones parallelas AD, CH ; ideo
AUCH eft pgrum , fimiliqué ratione reli-
qua Pypi plana funt pgra. Quiaergo AF !
ad HG, & AD ad HC funt parallelz: erit,
10-11.angulus DAF zqualis ané‘ulo CHG: |
fed, 24. 1. zquantur AF, & HG; HC, & '
AD,adeoque, 7. s.eft AFad AD, ut HG
ad HC; ergo 3gla FAD,GHC fim:ilia funt,
8¢ ®qualia, ac prcinde, 34+ 1. &G, ax. 1e
pera AE, & BH funtfimha, & zqualia, .
idemque de reliquis oppofitis planis often-
fum puta. Q. E.D- !

~ PROPOSITIO XXV. !
1 folidum parallelepipedum ( 4 BC D)
J plano (BF ) fecetur, adverfis planis
(A D, CB) parallelo ; erit quemadmodsm
bafis (AH ) ad bafim (BH) ; ita folidum
. (DE)adfolidum CE;.

Ccncipiatur parallelepipedum ARBCD'
produci utrinque, & fume AT,& BK zqua-
lesipfis AE,& BE. & ponantur plara TQ,"
KP planis AD, BC parallela; Igitur, 36.1.
O’ 1. def. 6. 24. 11. - parallelogrammara
LM, &GH,uti& DL, & G , necnon}
TQ , & AD &c. fimilia, & zqualia funt;;
adeoque , 10.defs 11. aquaniut Ppra AQ,
& AF,uti & BP,& BFjergofclida TF, PK.
ita muleiplicia funt folidorum DE, BF, ac

. bafesTH, & KH bafium AH, & EH. Qued

fi baf:s TH major, vel mitnor fitqui s kH,

‘vel 1 s aqualis s ctity 240 11, €9 o defi 1t
La.aliter
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fimiliter folidum TF majus "y vel minus
quim folidum KF, velipfi 2quale ; adeo-

squéregzig.dej.&. AHad BH ut DE ad CE.

 PROPOSITIO XXVL

! A D datamvefiam lineam ( AB) eyuf
S punttum (A) conflutuere angulum

Jolidum ( AB10O) aqualem folido angul}

Demictatur, 11. 11. utcunque recta LG
perpendicularis plano DCF, & per G du-
-catur utcung; in plano DCF re&ta DF fub-
dendens angulom plaman DCEF , atqy tum
.ducantue LD, & LF : deindé fiat AB zqpia-
Tisipti CD, & angulus BAI 2ngulo DCFE,
& fumatur BK 2qualis ipfi DG, atque-ex
pen&o K, 12.11. efigatur ‘perpendicularis
KO =zqualisipfi GL, atque ducantus ¢a-

~terz lineZ 3 dico fattum ; quod jamexipfa

«conftrultione patet »
PROPOSITIO XXVII

A.,' Datarelia linea (ARB) datoparala

lelepipedo (M D) fimile fimiliter«

que pofitum parallepipedum (AK) cone

Ex angulisplanis BAQ, QAI, B A, qui

{fint zquales angulis plams HMN, NMO,

HMO fiat 36.1 lgngulus folides A zzlqua-
2 is



316 Elem. Euclidis

lis angulo folido M : atque tum fiat BA
ad AQ , ut HMad MN, atque deindé fiat
AQ ad Al, ut MN ad MO, & perficiatur

arallepipedum AK duétis planis paralle-
fis; & dicofattum . Nam, confir, & 1.def,
6. parallelogrammata BQ, & NH funt fi-
milia; uti & 1Q,& ON,necnon IB,& OH;
€rg0 ; €180 24 11. ficut'in datis parallelo~
grammis oppofitaappofitis , itd etiam in
conftrutis oppofita oppofitis funt fimilia ;
adeoqué, 9.def. 11. ipfa folida fibi-mutud
ﬁmilil funt L] QEI F‘ '

PROPOSITIO XXVIL

I folidum parallelepipedums (A B) plas
no (DCGF) [ecetur per Diagonios
(DF ,CG) adverforum planorum ( AE,
BH ) 3 bifaviam fecabitur folidim (A4B)
.bliflo plano (DCGF)
am quia , 24, 1t. DC, & FG funt fibi
2quales, & parallele; idcircd, 23. 1+ pla-
num DCGEF eft pgrum,& quoniam,24.11.
ta AE, & BH funt fibi zqualia, ac fimi-
1a; eruntctiam, 34.1. 3g1a AFD, HGC,
DFE, CGB fibi zqualia, & fimilia , atqui
etiam, 24. 11. AC& AG ipfis BF , & BD
@qualia funt,& fimilia; ergo prifinatis D A-
FCHG omnia plana zqualia fune, & fi-
milia onnibus planis prifimatisDEFCBEG;
ac proindc, 9.defi11. hoe prifina illi 2qua-
tur. QE.-D. .

. PRO-
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PROPOSITIO XXIX.

NOlida parallelepipeda (4.9 BH FE-
DC, A9BHNSRK) [uper can-
dem bafim (A .9QBH) & inter eadem pa=
rallela plana 5 conflituta, quorum infiflene
teslinee (AF, AN) collocentar inter eaf«
dem lineas (4 .9, FS) ; funt [ibi mntud:

equalia .

Siquident, Byp. ©° 10. def. v1. prifmata
AFNHCK , QESBDR fibi mutuo zquan=
tur ¢ Siergo ab utroque auferas commune
prifina MENODK, & uttique addas com~
niune prifina AMQHOB ; zquabuntur, 3,
o 2.6x. 1. ipladata Ppp2. Q.E. D.

PROPOSITIO XXX

N Olida parallelepipeda (CEOAX D~
KB, CEOAMNGF) [uperean-
dem bafim (CEOA) , & inter sadems pa -
rallela plana conflitnta s quorum infiftentes
linea (CX o. CM ) non-collocentur inter
eafdem lineas (CE, X7) [ibi mutud
‘qm'“' . . ' .

Fiat eniin produétis lineis XDV , BKL,
FMR: GNV) PP uwn CEOARVLI, cuius )
infiftens lme_,a‘.Cg collocctur inter eafdé
CE,. XV ; xquabitur ergo, ex pracedenti-,
Pppum conftruttum utroqué dato, adeoq;
& illa interfe. Q.E.D,

02 PRO-
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PROPOSITIO XXXIL

SI Pppa(EHGFCDBA, 0 NML-
aKT) conflituantur fuper equales bas
Jes(EHGF , 0eNM) ¢r incadem alti=
tudine aquabuntur f1bi-mutnd .. _
Si Pppa habeant latera ad bafes re&a; ad
latus Qe productum fiat pgrum ebz/ zquale
& fimile Pgro EHGF ; adeoqué,24-11. &
10.def.11. Pppa ebgfedba , EHGFCDBA.
funt fibi 2qualia , & firsilia : Tum perfi-—
cidtur reliqua Pppa ef @ NabPK,RSfemnba;.
ibus pofitis ;-
rOeNMLaKI ad ofQNabPK.
e (”'x.l{))' N (bypee 7-5-)
eNMade, “(byp 75+
Zqu.hz | EHGFade, '%r(gouﬂr-f" 7:5.)-
Rationes § ebgfad ofQN 35-1: " 7:5.)
eRSfad ¢/ QN (24.11, '
: iexsfmh adef@NebPK(29..
. 1100170‘.:_ '. . A
'Qebgfedbaad (fQNabPK.

Ergo, 9. 5..2quantur fibi mutud Pppa Oe«
NMLaKI,& ebgfedba.ive EHGFCDBA.

Q. E.D..
Quod fi- Pppa HB, & OK habeant larera
bafibus obliquasponantur fuper cafdé bafes,
& in eadé altitudine parallelepipeda, quo-
rum Jatera bafibus fint re&a.; erunt 31.8
29. 11.ipfainter fe , & obliquis @quaha s
ac proindé, 1.ax,1. obliqua etiam inter fe .
. , R

| PRO-
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PROPOSITIO XXXII

SOlida Pppa (ABCD , FIMN) [ub
eadem altitudine, inter fe funt, ut ba=

- fes (AB, FH)

Producatur IHE , & fiac, 45.1. Pgram
FE aeqixale ipft AB, & compleatur Pppum -
EFML eritergo AB ad IF,7.5.ut EF ad
FI, qua funt, 25.11. ut Pppum EFML ad
Pppum FIMN, quz funt, uz prius , & 7.4«
ut Pppum ABCD.ad Pppum FIMN:aded-
qué, 11. 5. erit AB ad IF ut ABCDad
FIMN. Q.E.D.

PROPOSITIO XXXIII

I'milia folida Pppa (gdbh, ©.2RT)
inter fe funt in triplicata vatione bow
mologorum laterum g3, MO)
Producanturretz gmo, bmn, dng, & fiat
mo, mnymq zqualesiplis MO, MN, MQ 3
adcoqués 17. vz, Pppum ogrs zquale , & fi-
mile erit Pppo OQRT : tum perficiantur |
reliqua Pppa doay , dof# : Itaqué Pppum
gdbb ad Pppum ogrt , hoc eft ad -Pppum
OQRT fe habet, ut Pppum gdbb ad doay ,
pl.doay ad dofr , pl.dofr adogrs : hoceft

. (32.11.)ut Pgram om ad do,pl.am-ad da,pl. -

dnad nq : hoc eft (1.6.)ut linca gmad mo,
pl. bm ad mn, pl.dmad mq: hoc eft ( byp. .

@ 10.def.5.) ut gm ad wo,(fivé ad MO) ter.
T&ED: !

O 4 CQ-
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COROLL. Hinc fi fuerint quatuor li-
nez recte cotinué proportionales ; erit pri-
ma ad quartam ut Pppum fuper primam
deferiprum ad Pppum ﬁmile,.gr;iﬁterqué
defcriptum fuper fecundam .

PROPOSITIO XXXIV.

A Equalium folidorum paralletepipe -
. ,domm (ADcB » .EHGF) bdfﬂ'.
& altitudines [unt in reciproca proportio~
ne: o ¢ conversd . T .
Nam fi fint latera CA, GE ad bafes re-

&a, & zquentur non modo altitudines in-
ter {c, fed & bafes; reseft clara. Sin vero-
altitudines fint inzquales; 3 majori EG
abfcindatur.E]lzqualisipfi AC,3 per | du-
catur planum IX parallelum bafi EH .
Igaur; Inx byp. e o

ADad EH (32..11.y C
Aqu.hz ; Ppp. EHGF ad Ppp.. EHIk
Rationgs 3 (32.11.) ‘
_ _ GXadIX(1.6.)

GE ad IE (7.5.)

GEad AC'." QE.D.

fPpp ADCB ad Ppp. EHlk.

| (32:LL.)
Zqu.bz § ADadEH [4p.].
Rationes 3 GE ad AC(7.5-)
| GEad IE (1.62)
 GX ad IX(32. 11)-
Ergo,

In2.byp.
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0, L1, & 9.§. 2quantur -ADCB,&
EHGF. Q.E.D. PR ,
Qudd fi latera ad bafesfint obliqua ;.eri~
gantur fuper iifdem bafibus, & ineadem
altitudine Pppa re@a 5. erunt obliqua reétis
zqualia.; adeoque etiam obliqua eruntin
reciproca proportione bafium, & alticudi~
num. Q.E.D.
COROLL. QuadePppis demonfirats-
funt 4 Propofi 29. ufque ad hanc conveniit

. etiam Prifimatibus triangularibus. , quip«

péquz funt Ppporum dimidia... -
PROPOSITILO. XXXV..

1 fauerint dio plani anguli ( EDF ,

BAG.). aquales., quorum verticibus
(D.& A) [ublimes refle linea (DG; AL)
infiflant , qua cum.lineis primd pofitis an~
gulos cantiveant aquales (GD B-ipfi LAB
& GDF ipfi LAC)3 in [ublimibus au~
tem lincis (DG.,. AL) qualibet fumpta -
fuerint puntla (G & L) & abbis ad pla=
na, in quibus confifiunt angali primim poe
[iti (EDF, BAC). dulte fuerint perpei?
diculares (GH , & LM3.a puni3is verd
H, & M) que in plavis d perpendiculari=
bus fiunt, ad angulos primim pofitos adjis=
Gafucrint relalinee HD s & MA 5 be
cum fublmibus (DG, AL) aquales angus
los (HDG, M AL) comprehendent . -

Os Fimt
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Fiant D1, & AL xquales, at tum fae
1K parallela’ ad GH,,. & fiane dtme kF ad
DF,; uti& kE ad DE, neenon MCad AC,
atquedemum MB ad A B perpendicolares,
& ducantur re@2 FE& CB : 1F, LC: IE,

& LB . Quoniam.ergo, confir, IK ptrallc]a '

eftad » qua;, drp. petpendicularis eft
plano fubje@to; eritetiam , 8. 11 IK per~
pendicolaris cidem plano ; adeoqug, 3.def.
11. anguli 1kF, IkD, 1kE redti fone, eadé-
que ratione recti fant anguli LMC, LMA,

LMB. Igiturs;:

£ X% o1 KD,
Equhzc§ Tk D1 K Fa pl.F
(3 UK PLXEapLEDS
l:r;o. 48.1 mgeluilPDrc&us cﬂt. Ia
¢iam

er .

Aqu.bzc 3 IKq-pl. KD3..
[27 1] “gﬁr pl. KEq pl. EDg.

Ergo, 48.1. angulus IED reltas eﬂ Iad
etiam

B[
71 q- p
4 CAq o g

Ergo, 48. 1. angulus LCA rectus eﬁ Itd
demum (LAT

Equ. h:ec‘ LMq pl. MAq.
(47:1.) LMq MBq pl.BAq.
Bq pl. BAq. .
Ergo,
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. Ergo, 48.3. ahgulus LBA reftusett: fed
&byp. anguli IDE, & LAB aquantur fibi
mweud, &, confir. 1D zquaturipfi LA 5 et-3
g0, 26.1. aquabuntur DE, 8& AB:cadeinqs
ratione DF, & AC : IE, & LB:IF, & LCs
adeoqué, 47.1.equabuntut AM, & DK,
ac proindé fi ex DIq. auferacur DKq. atque
ex LAq. auferacur AMq; zciuabuntur IKq.
& LMq. adeoqué & linexz 1K , & LM.
Ergo 3glaIDK, LAM fibi mutad 2quila-
tera funt ;. ac proindeé , 8. 1..2angulus IDK
zquabitur angulo LAM . Q. E.D.

COROLL. Itiqué, fi fucrint duo an-
guli plani zquales., quorum verticibus fa~
blimes.re&z linez zquales infiftant , qua
cum lineis. primd. pofitis angulos conti-
neanc zquales; atrumque utrique 3 eruntd
punélis extremis linearum fublimium ad
plana angulorum primé pofitorum demif«
{z ; perpendiculares inter fe zquales.

PROPOSITIO XXXVI

N 7 tres rella limea ( DE, DG, DF )
proportionales fuerint 5 quod ex lus
tribus fit folidum Pppum ¢ DH ) aquale
ef} deferipto. & media propertionals DG [o~
lido Pppo, qudd aquilaterum quidem fit
dqziargulam verdei, quod defcribiturd
tribus .

Quonié;n enim, fyp. eft DE ad DG,
fivéad 1K, ut DG five IL od DF; idcir-

€@, 14.6. zquabuniur Pgra FE, & LK, {td
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& byp. zquantur alticudinesGD , & IM,
necnon anguli folidi ad D, &1 § crgo 310
11, zquantur {ibi mutud Pppa FEGH , &
LKMN.. Q.E.D. \ i

PROPOSITIO XXXVIL.

I quatuor refla linee ( A, B, C, D )

proportionales fuerint- 3 quid ab ex«
tyemis deferibitnr parallelepipedum equa=
It eft ei, quod ipfi fimile , fimiliterque
poﬁtsm defctibiter 3. mediisy ¢ é con=
uerss . : :

. Namfint fuper.A, B, C, D defcripta fos-
lida fimilia , fimiliterque pofita, ut puta.
cubi ;. ergo.

1-H}'f.~ R )
(Ac.adBe . (33. 11)
Aqu. he {A adBrer (byps).
Rationes 3 C adDrer (33.11.)
Cec..adBe.- -~ QE:D:.

c Aad'Brer [23.11.)

ZEqu.he J Ac.ad Bc.” 4.y

Rationes  Cc.ad Be. (33.175)
(CadDter. QE.D..

PRO;
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PROPOSITIO XXXVIE

SI planum ( AB) ad planym (AC) res

tum fuerit, & ab aliquo punélo ( B)
eorum qua [unt in uno planorsm (AB) ad
altersm planum ( AC ) perpendicularis
(EF) duita fuerit ; bac in planorwm com=
munem feltionems. (4D cadet .

Nam,.{i f.p. cadat EF extra communem
feGtionem AD:. Tuminplano AC duca-
tur FG perpendicularis ad AD , jungatur-
que FG; ergoingzglo EFG funtdyo an~
golire@i.- Q.E.-A. .

PROPOSITIO XXXIX.

I folidi- Pppi (AB) eorum , qne ex
Y adversé planorum ( AL , BE) lates
ra (AE ) EL, LH, HA, & EF’
FB, BV, VX&) bifariam feclafint;
per. fettiones. amtem plana. { MNTR ,
DOXZ) fint extenfa 5 planorsa com=
munis fefltio (CK') &0 Pppi diameter
(AB) bifaviam fe mutnd fecabumt o -
Ducanturre2CA,CL, & KE, KB,
Quoniam 34.1. &7, ax. 1. latera EX , &
AR zquantur lateribus BZ, 2K> & ,29.1.
angulus £XKk alternoangulo BZK ; ergos
4. 1. zquabuncur £K., & BK, & angult
AKX,BKZ;adeoqué , Schol. 15, I.ZEI{IB



216 Ekw. Esclidis
eft unarc@alinea, eademq; ratione ACL
cft una refta linea « Caterdm , byp. tam-
AZ,% HV,quimHV,& LB siit parallelz,
& zqu.adedque,9.1 L AL, 8 LB funtfibi.

parallelz, & aquales ; ac proindé, 33¢1I..

AL, & AB funtctiaro {ibi parallele , &
ztiz:alcs; adeogué, 7.11..tam AB , quim
CK funt ineodem plano. A/EBL. Quo-
niam ergo zquantur fibi mutud angals ad
verticem ASC,& BSK,uti & alterni ACY,
& BKS, & xquantur AC, & BK; erit,26.1.
ASzqualis iB(i BS, uti & CS zqualis ipfi
KS. Q.E.D. ,

- COROLL. Hine in omni Pppo Dia-
metri fe mutuo bifecant in pun&to S. -

‘PROPOSITIO XXXX.

~ I fuerint duo Prifmata: ejufdem alti=
<) tudinis, quormms alsernm babeat bas
Jim (MN_QP) Pgrim, alterum vero bae
fim (BC D) 3glum, atque pgram dupluns:
fit 3glis aquabnntar ftbi mutad ipfa Prif=
mata .

Quippé fi perfierantur Pppa BA, & M,
erunt hec ob bafim . & alutudinum zgqua-
Jitatem, fibi mutud zqualia ; adeoqué , 7-
#x. 1. zquabun:ur étiam irter @ ipfa Prif-
A ata, utpoce , 28. 1. Peporum dimidia .

QE. D.

LAVS DEO.
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Ve [unt in circulis polygona
fimlia ( ABCDE, FQ@
HIK) inter fe funt vt
quadrata diametrym (AL o
FM).

'Ducantur AC, BL, FH, GM. Quoniam
€rgo, byp. ¢ 1. def. 6. angulus ABC zqua-
furangulo FGH, arque eft AB ad BC ut
FG ad GH ; idcirco, 6-6. zquantur anga-
li ACB, & FHG; adedqne, 21. 3. etiam
anguoli ALB, & FMG : atqui,31.3. angu-
Ii ABL,& F5M refti font; ergo 3gla ABL
& FGM fibi mutud funt xquiigula; adeo-
qué’, 4.60 eﬁ AB ad FG, ot AL ad FM 3 ac

. preindé, 22.6. cft polyg. ABCDE ad pc-

1yg. FGHIK, ut ALq.ad FMq- Q.E.D.

COBOLL. Hincpolygonorum fimil:it
¢circulo inferiptorum ambitus funt ut dize
metri : Quippé , byp. & 12, §. cft AB plo
BCphCD pl. DE pl.EA adFG pl. GH
pl. HL,pl.IK pL.KE ut ABad FG, qua funt,
st prius, ut ALad FM. ' -

PROPOSITIO II

Ireuli inter fe funt quemaim’dum
quadrata diametrorum ’
Nempe fi fit circulus CEQF ad magni-
wdinem
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tudiners quampiam X ut CFq. ad BTq. ;.
Dico gquari fibi mytud magunitdinem X,
&circulum TMN‘}E .

Nam, fi f. p. fit X minot,'quim circulos
TMNAZ, fitque exceflus magnitudo Z,ipfi
verd.circulo infcribatur quadracum SI,
%uod utpoté dimidium circumferipti qua-

rati, quod rajuseft circulo,majus quidé
erit quam femicirculus . Biftcentur jam
arcus m Sy SMy Mn, ma, & trahantur corr
fubtenfz, atque pcr & ducatur tangens ab :
& quoniamab parallela eft ad m» ; erit 4.
1. 3glum m /E n dimidiii pgri abmnx, adeoqs
majus quim dimidium.fegmenti w/En; ca~
demque ratione reliqua 3gla majora funt,.

uim dimidia reliquorum fegmentorum..
audd fiiterum bifecentur atcus mA&E, ZEs,.
&c. &:trahantur fubtenfz; erunt fempen
3gla majora.quim fegmentorum dimidia 5.
eoque , fi € circulo TMNAE desrahacur:
quadratum SIi& ¢é reliquis fegmentis detra=-
hantur 3gla, & hoc fiat.deinceps; tandem,.
1. 10.relinquerur aliqua magniudo minot.
quim Z. Perventum ergo it ad fegmens
tam/E, An&ec., quafimul fumpta minora
fint quam Z : crgo erit X (five circulas
TMME mins f.) .minor quam pcly%o-
aum An PSTMN#A( {ive,quimcirculus
TMNZE minas fegment . m A& pl. En Rce
Concipiatur ergo aleeri circulo inferibi fi--
mile polygonum: Tuin, quoniameft, 1.
r2.polyg. ACCEQEGHA ad polyg. Bw
PSTMN#e, ut CFq.ad A& ['q.qua funt,byp.
urqureulus TMNZE 2d X, atque p_rilmpm

-~
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!
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polygonum minus eft circumiferipto circu-

To; ergo, 14. 5. etiam alterum polygonum -

minus critquam X ; cumtamenlofienfum
fuerit majus ; Quz repugnant .

Sitdeinde fi f. p. X major quam circulus
TMNZ & concipiatur effe, X ad circu-
Jum CEQF utcirgul. TMNZE ad Z ; ergo
f- byp. & 14. 5. erit circulus CEQE ma-
jor quam Z: atqui, byp. ¢ invers, eft £Tq.
ad CF; ut X ad circulum CEQE, quz funt,
byp. uccircul. FMN/E ad magnitudinem:
Z, quz minoreft , wrprius quam circulus
CEQEF : Quz, ex p. parse bujus repugnant.

.Corul. Hinc ut circulus ad circulumita
polygonum inillo deferiptum ad fimile
polygonum in hoc defcriptury .

. PROPOSITIO INL

Mnis Pyramis (ABC O) trisz7nla~

, rem babens bafim, dividitzy in dias
pyramides ( ADEH: , HMNQ ) equales
inter fe, fimilefqne tam {ibi quam toti , Cr,
in duo prifmata aqualia (HMNDBF , :
FENDEH) , qua fiwmul fumpta majera .
Junt dimidio totius Pyramidis ( ABCO) .
Bifecentur latera pyramidis in punéis ,
D, F, E, H, M, N, & jungantur re&t2 DF,
FE &c. Quoniam ergo latera pyramidis
funt fe®a proportionaliter ; iccirco , 2. 6«
erit HM ad AB: MN ad BC: FNad OB
&c. parallela; adeoque ,-9. 1 1. DF 2ad HN!
uti & NFad HD eric parailcla; crgo:zsll;i!‘r

3sla
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2gla quz, totam comprehendunt pyrami-
dem, crunt fi-ntha 3plis, quz emergunt ex
Iateram bie@ione : hac verd inter fe non
modd fimilia, fed & z31alia erunt : quine
immo ro. & 15. 11, elem HMN paral-

Jelum erit ad 33lum DBF, uti & 3glum -

FCN ad 3glam DEH : vndé perforcuum
eft , pyramides ADEH, HMNOQ fibi mu-
tud zquari, & non modd fibi fed & toti py-
ramidi ABCO fimilesefle : deindé folida
HMNDBE , FCNDEH effe prifimata fica
inter paraliela plana ABC, HMN, pgrum

vero DFCE , quod uniusprifmatis eft bafis.

duplum effe 3gli DBF quod bafiseft alce-
rius prifmatis ; adedque , 40. 11. ipfa prif=

mata fibi zquaris quorum alterum HMND.

BF, utpot¢ totum fua parte, majuseft pyra-

mide DBFM, cui , conffr. 2quatur pytramis -

ADEH ; ac proindé duo prifmata fimul
funmipta majora efleduabus pyramidibus.
fimnl fumptis; adeoque majora effe dimis
dio totiys pyramidis ABCO.. Q. E.D.

PROPOSITIO V.

Q 7 fuerine due Pyramides ( BACO ;.

KLMN) einfdem altitudinis , trian-
. gulares babentes bafes (B AC, K LM), fit
antem illarum utraque divifa, & in duas
pyramides (BEDH , HGIO : ¢& KP+
2T, TSVN) aqualesinterfe, & fie
wiles toti ;. U in duo prifmata equalia H«
GIEAF ;, FCIEDH :. TSVPLR,

, RMa~
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RMVPIT), ac codemmodo divija fit
atrague pyramidum, qua ex [uperiore di=
wifione nate funt yidgue femper fiat ; erit,
%2 unius pyramidis bafis ad alterius pyras
midis bafim , itd ¢ ommnis; que in una py-
ramide prifmata adomnia., qua in altera
pyramide prifmata, multitudine equalia

Siquidem (adhibendn conftru&tionem
pracedentis ) cft, 15.5. ACad AF, t LM
ad LR;etgo,22.6. cft 281t BAC ad EAF;
ut KLM ad PLR:atq;eirern. BAC ad KLM
ut EAFad PLR, qua font Schel. 34.11.)
ut Prifma HGIEAFad TSVPLRsquafinc .
conflr.& 7.5. ut Prifma FCIEDH ad R M-
VPQT ; ergo,11.65" 12.8. erit 3glam BAC
ad KLM, ut Prifm.HGIEAF pl. FCIEOH
ad Pr'lfn'!i. ESVPLR' pls RMVPQT .-

_Quad fi dividantur eodem modo pyra-
inides ex prima divifione gemitz ; erunt
quatuor nova prifmata hinceffe(ta ad qua-
tuor illinc produdta ut bafes HGI, & BED
~ ad bafes TSV, & Kp%hoc eft,4.6.t% 11+
g_- ut BAC ad KLM. Q-EO Do

PROPOSITIO V.

SV b eadem altitudine exiflentes pyras:

o mides (BACO , KLMN) triangu«
bares babentes bafos (BAC , KLM) s ins
tey fe funt utbhafes, T -

-

Neme
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Nempe , fi fit glum BAC ad kLM, .
ut pyramis. BACO ad folidum quodpiam
yA i-\rdlco zquari Z, & pyramidem kL~

Nam, fi fieri poteft , fit Z minus, quim -
pyramis kLMN magnitudine X , & divi-.
dator pyramis KLMN in prifinata, & py-
ramides, ut in pracedentibus, donec,1.100
reliétz pyramides fint minores, quim X .
Quoniaigitur,f.byp. tota pyramis KLMN.
zquatut ipfi compofito Z pl. X . atque ,
conffr, reliéta pyramides fimul fumpte mi<
nores funt, quam X ;. ergorelicta prifimata.
fimul fumpta majora fune, quimZ. Jam.
verdalteram pyramnidem BACO totidem,.
fimilibufque d}i)viﬁonibus refolutam con-.
cipe,ac pyramis kLMN divifdeft ; ergo,
4:12. crunt omnia prifinata pyramidis BA~
CO ad omnia prifinata pyramidis kLMN,
utbafis BAC ad bafim k L M,quz,byp-funt,
ut pyramis BACOad Z; atqui, 9-4x.1s
Qmnia prifmata pyramidis BACQ minota
fant, quim ipa tota. pyramis BACO 5
€rgo-, 14. §. omnia prifimata pyramidis |
kLMN minora funt, quim Z ;. ciimta-
men oftenfa fuerint majora : Qua repu«
gnant, o ]

. Sideindé fi fieti poteft, Z majus,quim
pyramis KLMN, & concipiatur effe pyra- -
midem kI, MN ad X, ut Z ad pyr. BAgO,
qua byp, & invert.funt, ut 3glum kLM ad
3glum BAC : Quoniamergo , fibyp. py~

- . . famis.
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tamis KLMN minorcft, quimZ ; erir,
14. 5. magnitudo X minor,; quim praymis
-BACO . Quod fieri nequit ; quippe oftene
fum eft in prima parte hujus , quod e/ ne<
quit 5 ut bafis ad bafim itd pyramis ad solis
dum aitera pyramide minus . Reliquum
ergo eft , ut pyramis KLMN zquztuc ip-

Q.E.D. ' .
PROPOSITIO VI

SV& cadem altitudine exiflentes pyras
mides ( ABCDEF , OPLMNK )
& polygonas habenses bafes , inter fe

I

Nam refolutis polygonis in triangula;
Erit , 5. 12. alcernan. & 12, 5. Pyram.
ABCF pl. ACDF pl. ADEF ad triangu-
lum ABC pl. ACD pl. ADE, ut pyram.
ABCEF ad triangulum ABC , quz funt,
§. 12, & alternan. ut pyram. OPLK ad
ad triangulum QPL 5 qua funt , . 12,
alternan. & 12. 5 ut pyram. CPLK pl.
OLMK,, pl. OMNK ad triangulam OPL,
pl- OLMs pl. OMWN; adeoque 11.5.67 4l
ternan. €l tota Pyramis ABCDEF ad tc-~
tam pyramidem OPLMNK, ut polygo-
num é\BE(.%E ad polygonum OPLMN «

ldipfum
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1dipfum porrd demonftrabitut {i pyra-
midum bafes non habeant latera zqué mul-
ta 3 Quippe oftenfum eft, effetatam Pyr.
ABCDEEF ad polig- ABCDE, utpyram.
ABCEF ad 3gl. ABCj atque alzern. enie Py-
ramis ad Pyramidem , ut poligonum ad

3glam. Q.E.D. e
PROPOSITIO VII.

Mne Prifma(ABFDCE) tridngud

larem babens bafim dividitur in

tres pyramides(ABCF,ADCF,FEDC)
aquales inter fe, triangulurs etiam bafes
habentes . : ‘
B Nam dulis pgroram diametris FC,FD,
AC ; zquabuntur, 34.1.triangula ABC, &
ADB; ergo, 5-12. fibi mutuo zquabuntur
aque alta pyramides , ABCF, & ADCF:
eademqué ratione zquantur fibi pyrami-
des FEDC ,& FADC, quz eademeft ac
ADCF. Q.E.D.

COROLL. Hinc qualibet pyramister-
tia pars eft prifinatis eandem cum illa ha-

bentis bafim, & altitudinemy. Nam refo- |

luto prifidate polygono in prifinata trigo-
na, & pyramide poligona in pyramides
trigonas; erunt, 7.12. fingulz partes prife
matis triple fingularum partiuin pyrami-
dis : adeoque, 1.§. erit totum prifma poly-
gonil totius pyramidis polygon triplum.

PRO~

r
|
|
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|
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PROPOSITIO VIII.

S Imiles Pyramides ABCD, FOGH)
qua triangulaves babens bafes , jn tri«
‘plicata funt rationc homologorum laterum
(BC,06) '
Nam f; perficiantur Pppa BAICDMKL,
OFNGHQEP ; hac,g-de¢f. 11 finalia erit,
& datarum pyramidum (28.11. & 7. 32.)
fextupla 3 ergo, 15-5. erit Pyran.is ad fibi
. fimilem Pyramidem, uc Pppum ad f,bz {i-
mile Pppum, nimi:um, 33.11. intriplica~
ta ratione laccrum humologorum.

(l-' . 1
COROLL. Hinc ,_fimiles polygonz
pyramides funt etiam incriplica.a ratione
laterum homologorum, ucpoteé refolubiles
in trigonas pyramides

- PROPOSITIO IX. .

‘A Equalium Pyramidum , & triangu=

laves bafes babentium, bafes sunt in

- yeciproca proportione altitudinem : & é

" conTerso .,

- 1. 1yr. Namfiperficiatur Ppra jcrunt
Lkzc ( 28.11. & 7.12.) zqualivinpyrami-’
dum, utrung; vinulg; texiupla , adcoqué,
6.ax.1. (ibi nutuo agvaka; Adedq; 34-1 1.
ipferum altitudines ( qua datarun, cuam
fyramidum funt akitudines ) funt in et

proca



336 Elem. Euclidis
proca proportione bafiun, fed pgrorum,
quz bafiom pyramidaliam dupla funt;atq;
15. 5. in cadem cun illis ratione.

2. Hyp. Faftacadem conftr. Quonnam,
byp. Ppporumbafes funt in reciproca pro-
portione alticudinum ; idcircé , 34. 11
aquantur ipfa’Pppa fibi mutud ; adedque,
7.ax. 1. etiam fibi quantur pyramides,
atpoté Ppporum fubfextuplz. :

COROLL. Quz de Ryramidibus de-
monftrata funt tribus prop. precedentibus,
conveniunt etiam prifmatibus, quandoqui-
dem hzc tripla funt pyramidum eandem
bafim, & altitudinein habentium .

PROPOSITIO X.
OMm's conys tertia parseft cylindri,

babentis eandem cum ipfo bafim
(CABD), & altitudinem aqualem .

Si negas : Sit primus Cylindrus_majot
quam tresconi , magnitndine Z . Quonia
ergo quadratum circulo circumfcriptum
-eft duplum infcripti, adecque prifima fuper
quadratum CABD circulo infcriptum eft
cimidium prifinatis foper quadratum eidé
circulo citcum ‘eriptum in cadem alticudi-
r.cpofirr, 2¢eft inferiptui prifina , & cy-
Jivdrus (nan prifinara ¢jufdem aldrudinis
fe habent, utbafes ), & quoniam , 9. ax. I.
priimacircunmfcniprum majus <ft eviindro;

: *icirco
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idcircd prifima infcriptum maijus eft quim
dimidium cylindri: eademqué ratione prif~
-ma fuper bafim AEB deferiptum, cylindro
equé altum,majus <t dimidio fegmenticy-
lindrici. AE B .. .Continuectur ergo bifectio
.arcuum , & fubtrahintug. prifinata , denec,
1.10. fegmenta cylindrica .refidua misora
Aintsquam Z : hifgué .pofitis 3

Quoniam, f-byp. 3Coni pl.Z . =quantur
Prifinati polygono pl. fegment. cylindr.
atqui, confle. L majus et quim fegment.cy~
Jindr. Ergo 3 Cani minores fynt prifinate
polygono , quod, 7.12¢ .zquatyr 3 Pyrami-
.dibus 3 adcogue unus.conus-minor ¢@ una
pyramide ejuidem.altitudinis ad bafim CA-
B1) : Quod, 9.4x.1.ef abfurdum .

Sin conus rertia paree.cylindri major di-
.catu, n_m*mtudmcl « Quaniam, fobyre +
ci/lmdn pl.Z, ®quarur pysamidi po:ygonge
pl.

fegment. conic. atqu[,cm/lr.jzt majuseft,

- .qudm fegn enta conica ; .crgo —+ cylindri

amin. eft Pyramide polygona, cui, 7. 12,
.xquatur + Prifimats polygoni ; adeoque
Lylindrus minor eft primate ejufdem altin
tudinis ab bafim CABD : Qued, 9. 4x. 1.
.eft abfurdum. _ .

PROPOSITIO Xi.

S F'b eadem altitudine exiflentes cylindri,
AD €& com (AD.,QG’O, mSMnK )inter
Je fuut, ut bafes .
Nempe, fi fi circulus ADCG ad circu-
Jum mSMpr, ut conus ADQGO ad magni-
P tadincm
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tcdinem quempiam X ; Dicoaquari X, & |
nouum mSMnK.

Namfi fieri poteft,it conusmSMaK mi-
nor, quim X magnicudine Z, & fatacon-
firu&ione juxti pritpam Decimi , utin pre-
cedenti, it;ut Z maijus fic refiduis fegm. co~
nicis . Quoniam, f.&yp. X pl.Z zqu.Pyra-
midi mSMnK. pl. fegm.conic.atque,confrr.
Z maj, cft fegmentis conicis ; EtFo X min. f
eft pyramide wSMnK:atq; falta fimili con- :
ﬁrug. & praparatione 1in cono ADQGO 4 -
Brit prima Pyramis ad fecundam Pyramie
dem, §.12. ut primum polygonum ad fecii-
dum polygonum, quz funt cor, 2,12, ut pri-
mus circulus ad fecundum-circulum, qui
funt byp. ut pritrusconus ad X ¢ atqui pri-
ma pyramis, 9-ax.1. minor ¢ft primo cono;
ergo, 14.5. fecunda pyramis minor eft, qua
Z ; cum tamen oftenfa fuerit major .

Deindé , i fieri poteft, fit X maj. quim
fecundus conus, & concipiatur effe fecund.
conus ad Z, ut X ad primum conil, hoceft,
byp- & invers. ut fecundus circulus ad pri-
mum : Atquis f.5yp.fecundus.conus mmor
eft, quim X ; ergo, 14. 5.-Z min.eft quam

rimus conus ; quod repugnat prima parti |

ujus, quippe in qua oftenfumeft, quod effe 2
nequts circuius adcirculumyut conus ad folidum
altero conominus . Ergo reliquum eft zquari
conum wSMaK,& X, Q.E.D. |

PROPOSITIO XII
' Imiles coniy & cylindri ( AD.JGO,
mIMuK ) funz intriplicata ratione |
: dias |
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diametrorum (CF, £T) qua in bafibus,

Nempe CF ad £T ter fit ut primus Co~
nus ad magnitudinem quampiam X ; dico
xquari X, & alterum Conum . :

Nam, fi fiert ft, ficalter conus mines

vim X, magnitudineZ : & faCtaconftru-

iene, utin pracedentibus , donec Z majus
fit refiduis fegmentis conicis 5 erit, % prizs;
pyramis mSMnK major quim X. Ducantug
jam axes conorum , & czterz reétz :- Quo-
niat, Hyp. coni funt fimiles ; ided » 24.def,
11.eft EB ad BO, ut MR ad RK, atque,yp.
anguli EBO, MRK funt zquales, ergo,6+6,
3gla EBO, MRK func fimilia , ergo , 4.6.
erit EOad MK ut EB ad MR, quz funt (ob
angulos EBQ,MRN =jualibus arcubusin-
fiftentes, zquales, & 7. 5. oblatera gircum
bosangulos proportionalia)at EQ ad MN,
quz funt, fimiliratione ut QO ad NK ; er-

‘g0 §5.6. 381a EOQ, MKN funt fimilia , ea~

demque ratione reliqua unius pyramiidss la~

-tera reliquisalterius pyramidis-lateribus fi«

milia funt ; adeoqué, 9.defi11. etiamipfe
pyramides fant fibi fimiles ; quz proindé,
¢or.8.baj. funt ut EQ ad MN, five, s prius
ut EB ad MR , fivé ,7.5. & 15.5.ut CFad
T wer, qua funt, byp. ut primus conus ad
X ; ergo,11.5. prima pyrainis ad fecundam
pyramidem eft ut primus Conus ad X: atqui
pruma pyramis.minor ¢ft primo Cono,quip-
p¢ cul infcribitur ;5 ergo , 14.5. fecunda py-
ramis ininor eft quam X ; cuim camen oflé-
fa fucrit inajor 3 qua repugnant.,

’ L2 Lin
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Sin verd X majus ponatur quim fec. Coe
nus 3 (it iec.Conus ad Z ut X ad pritnum Co-
nUmM,QuE (LN, us priscs, I mvert. wt foc. Py~
famisad primaw, quz funt, 8. bujus ut EQ
ad MN ter, quz funt,ss priss, t CF ad £T
ter : atquis f.5yp. X majeft fec.Cono ; ergo,
14-5. primus Conus najor ¢t yndm Z,quz
repugnant : Na oftenfum eftan prima parte
bujus,quod effe neguit diameter ad diametrum '
.‘,.,M,;bm Conorum st Conus ad magnitudinens
alier® cono minorerm ., X

Quoniain vero Cylindri utpoté conoria
tripli, {& habent.ut coni ; crunt & 1pfi 1n tri-
plicata ratione diametrorum in bafibus.

PROPOSITIO XIII.

SI Cylindrus ( MNGH ) fecetur plane
Ay (/L) adverfisplanis (MN ,GH)
parallclo s erit ut cylindrus (ML) ad cyline
drum ([ H) itd axis (C D) ad axem(CO).
. Producatur axis utringue 5 itdut confiru~ '|
étis cylindis HE, FR zqualibus 1fi 1H, & .
fa&to cylindro NS zquali pfi MLsfit1 1.huj.
totus cylindrus LR , 11d niultiplex cylindri
IH ac eft axis CA multiplex ipfius CO : & |
exaltera parte cylindrus LS 1td multiplex !
cylindri ML , ac eft axis CK ipfius CD.
Cy&od i CA major, vel minor fit quim CK,
velipfi zqualis; erit etiam 1 1buj. cylindrus
LR wajvel nin.cylindeo LS, vel ipfi zqua-
lis ; ergos6.defis. eritcyl- ML ad eyl IH ot |
CDadaxemCO. QE.-D. : ,
: - PRO~



S

!
f

H
1

3
'
J
I

i

-Liber X117, 24t
PROPOSITIO XIV.

Vper aqualibus Bafibus- ( AC, P 9 ¥
exiflentes Covi'y. & Cylindri inter fe
Jint.ut aliitndines (H 0,.¢7 BK) .
- Prodo@o enim-axe BK inD; itaur kD
zquetur ipi-HO ;-erit , 11 b«j..cylindru
PN =zjualis pfi EC: atqu efty7.5. cyl. PN
ad cyl. ABCutcyl.Ezg'ad ¢v!l- ABC, qui
fune, 13.5%}. ut-axis Dk,-ivc HO adkB~
Q. E.D: Idém deconis ut puté cylindro-:
ruw fub triplis ditum puta.- -

PROPOSITIO XV.

L Equalium conorum (M HN , RBS)

: & cylindrorum (ML, R D) alsitu-
dines [ant in reciproca bafium proportione;
Et i adfi¢ bac proportio veciproca ; @quae
buntur [ibi cons, ut & cylimdri’, .

'~ Sialtwudines zquantut ; zquabantur etid
Bafes& rcsvlz’razc?{ .- Sin‘altirudo OB majs
fitquinvHk'» fiar OG =qualisiofi Hks er'e
ergo, 14.541. OB ad OG, fivé ad HK ut cyl.
RD (fivé cy.ML)ad ‘csyHRF,quz funt,11.
buj. ut bafis MN ad RS .. . -

Q.E.D..

Atque & converfo s erit, 11, buy. cyl. ML
alcyl. RF, utbafisMN ad RS , quz funt ,
byp.ut altitudo OB:ad Hk, fivé ad QGyque-
funt; 11604 ut oyl RD"ad RF j2desqig-5.-

v zqoan--
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zquantur Cylindri ML, & RD. \@.E.D.
C Porro fimili demonttratione utimur in
onis «

PROPOSITIO XVIL

D Vobus circulis circa idem centrum
(K) exiflentibus 5 in majori cirewlo
polygonum aquilaterum , & parium late='
vum infcribere, quod non tangas minvrens
civeulum. .

- Secet Diameter AC minorem circulum
inD, exquoerige perpendicularein EF ..
Tumbifeca femicirculum ABC, ejufqué fe-
miffem BC , donecarcus 1C minor evadat
arcu EC, &ab1 dimitte perpendicularem
1L .- Liquet primg, arcum IC totam majo-~
ris circuli citcumferentiam metiri , nume-
rumg; arcuunreffe parem , adeodq; fubten-
fam IC effe latus polygoni inferiptibilis
quod interiorem cmufum non continget ;
Nam, 162- EF tangit interiorem circulum,
ipfi vero EF,28. 1.parallela eft 1L ,quz pro
tereacirculum non tangit , neque proindé
€], CL circulum interiorem tangunt .

. . - F. .
.. COROLL. Hine reca 1L circulum non
tangit .

PROPROSITIO XVII.
Vabus [pheris circaidem cEtrum exi~

flentibus 5 in majori fphera folidum
. polies
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poliedrum inferibere quod no-tang st fuper«
ficiem minoris (pbers . -

- Conflraflio , Secenturambz fpher plano
tranfeunte per centrum, & conftituente cir-
culum EEGH in minori fphzra , & ABCV
in majori .- In plano autem horum cirgulo=~
runyducantur duz diametri fe mutud per-
- pendiculariter fecanter AC, BV : In circu-
lo ABCV, 16.12. infcribatur Polygonum
zquilateram VMLZC &e. circulum mino-
remnontangens . Tum ducatur in eodem
plano ex angulo Z per centrum commune
D-diameter Zb, & 12: 11, erigatur DO in
fablimi, reta ad fubjetum planem-ABCV:
pet DO, fivé juxtd DO lineam infitentem,
perqué diametros AC, Zh duci concipian~
tur plana;-quz proindé, 18.11. eidem fub-
je®oplano-ABCV refta erunt ; adedque,
33-6. in fuperficie nmjoris {fphzre-quadrane
tes DOC, DOZ, efficient . In his autem

adrantibus 1.4. aptenturreétz CP, PQ,
R’ ROz OS) ST’ TX,XZ, lpﬁs CZ Y ZL,
LM, MV, zquales, & zqué multz. Quod
i id€ feceris in reliquisquadrantibus OL ,
OM&c. tam {upra, quim infra horizontem
ABCYV , atque inter lineolasCP , ZX &cc.
plana duxeris; dicofa&um.- : -
- Demon(iratio Prime Partis . A-pundtis P,
& X ad fubje&um planum ABCYV ducatur,
12-11. perpendiculares °d, XY, quz 28.11%
in communes fetiones AC , Zh cadent .
Quoniam igitur 13 angulire@i PdC,XYZ,
quim PCd, XZY, 27.3. funt aquales ; id
P4 Circo,.
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circo, 23.1. 3gla PdC, X¥Z funt sqaian--
gula: fed &, confir. 2quantur PC , & XZ 5
€TR0,26.1. zquabuntur Pd,& XY uti& Cd,
& Z2Y 3 adeoque, 1§.def. ¢ 3.6x, 1. xqUa~
buntur Dd, & DY ; ergo, 7.5. erit Dd, ad’
dC,ut DY ad YZ;adedque, 2.6.dY, & CZ
fune panall. Quia vero,ut prias, fibi zquatur”
Pd,& XY,& ipfi plano fubjecto funt perpé-
diculares;adedq;6.11. fibi parallelz ; erunt
etiam, 23.1. PX, & dY fibi zquales’, & pa-
sallelz ;b adesque, 9.11. pl)l(i & CZ erunt”
etiam {ibi xqnaleszl parallelz; ergo,7.11.-
CPXZ, eademqj racione PQTX>& QRST,
& 3glum ROS totidém fant plana’. Quod
fi cadem confirultio continuctur in tota:
fphzra ; conffructum eric Polyedrum . !
- Demonfiratis secunde Parsisr .- Ex centro |

D ducatur Dc reéta planoPCZX , & jun--
ganturcP, c¢Z,¢X,cC. Quoniam ergo,
"4.6.DZ ad ZC eftut DY ad Yd, atque DZ
majorcftquim DY ; eritetiam, 14. ¢« CZ-
major quimYd, fivé, 33.1. quam PX, pari=-
werqué PX major erit quam QT,& QT-ma--
jorquaim RS.. Ecquis;.confir.anguli De€C, -
DeP,DcZ,DoX redti funt; latera vers DC,-
DP, DZ, DX utpoté radit fibi zquantur; &
Deeft gominond ; iddirco; 47. 1 fibt zqud-
turre®=zcP, ¢Z, ¢X’, cC; acproinde 15.
def. 1. circd quadrilateruns CPXZ de‘cribi
poteft circulus : in quoob ZX, CP, & Cz,
& ob GZ ma.arem quini PX; idcircd,28.3.
GZ plufqudm quadrantem fubtendit , ergos,-
23-6. angulus CcZ ad centrum cft obtufus ;
adeoque, re3. CZq. majus eft quain ‘?c(.'g,.
. : ive-
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fivé quim cCq. pl. cZq. . Sit jam Zm per--
pendicularis a4 AC; quonia angulus ADZ .
(hoceft 32.1. DZC pli DEZ) -eft obtafus;
eric DCZ, fivé dimidias ipfius:ADZ.major
dimidiore@i ; adeoque ed minoreft CZm
reliqaus é redd angulos adeoque,19.1. Zm
major eft quim Cm; ac proindé CZq. (fivé
wCq. pl; mZq.) minus eft:quim 2 mZq.-
adedque mZ inajor eft quam ¢C ; ac proinde
47-1.eD'imajoreft; quim Dim :- Atqui-pun=~-
Etum meeft ex:rd interiorem fpheram ; €rgo.
magis extrd ipfain eric punétam ¢ j.adeoquc
planumn CPXZ; (inter cojus piiét4,id quod
-propinquiustit cencro fphzra,eltc) interio-

-tem fphzram non gonninget . - Et fi ad pla-

nom PQTX . demiwatur perpendicularis
Da ; ‘adhuc punétam #:¢ centroD ulte-
rits elongatur; & fic dcinceps; Ergo polye--
drummajori fphara infcriprums, minorttn .

‘nontangit.- Q. E. F

" COROLL, Hine, 8 in qualibét alia Sphe=-
ra-defcribatur Polyedrum ; fimile predicie Po- .

dyrdre o Proporrio Polyedri in uns [pheve ad

polyedram:in altera , eff triplicata ejas s quam
-babent [yhieraram diametri ., _

~ Nam, fi ex centris fphzrarum ad omuvks :
angulosbafium di&orum polyedroram: re- *
&tz linez ducan-ur; diftribuentur polyedra
in pyramides numero zquales, & fimiles,
quarum homologa ldtera funt femidiamerri
{ph=raruny. Vtconflat, fi'concipiatur ha-
ram: fph2rarum minor intra majorem-circa:
idem centrum defcripta 3 congruent-entm .
Gbianutud linew re@z dultz 4 cencro fph-

- re
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rie ad bafium angulos, ob fimilitudinen ba-
-flum, ac propterea pyramides efficientur fi-
-miles . &mc » cim fingulz pyramidcs in
una fphera ad fimiles pyramides illis fimi-
les in altera habeant ( 8. 12. )proportionemm
triplicatam laterum homologorum;hoc eft,
femidiametrorum fphzrarum ; fint autem
*(12.5.) utuna pyramisad unain pyramidé,
1td omnes pyramides-, fivé folidum polye-
-drum ex ipfis compofitum , ad omnes pyra-
‘mides , fivé ad folidum polyedrum-ex illis
-conftitutum- ; habebit quoque polyedrum
‘unius fpharz ad polyedrumalterius fphzre
-propottionem triplicatam femidiametrorii,
-atque-aded (15.5.] diametrorum-  Q.E.D.

PROPOSITIO: XVIIIL.
Q\Phtre (BAC, EDF) funt in triplica=
ta ratione fuarsm diametrorum ( BC,
EF).-
Nempé, fifit fphzra BAC ad fphetamK -
intriplicataratione diametri BC ad diame=
trum EF 4 Dico fibi 2quari K, & EDF .

-

Sit enim, fi fisri poteft; K minor, quim: :
EDF, & concipe fphzram K concentricamt

“effe ipfi EDF, cut 17. 12. infcribatur polye-
drum, fphatam Knon tangens, fpharequé’
BAC fimile polyedram ; Hzc quidem po-
Iycdray cor: 17. 12, funt in triplicata ratione

- diametrorum BC, EF, adedque, byp. fe ha-
bentut-fphzra BACad K; atqui polyedria

-ipfi fp.‘}xrz BACinfcriptum, g..ax:1-minus *
eft quim{phzra ABC ; ergo 14.5.polyedei :

altert

P ek
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alteri fphare EDFinfcriptii mimus eft quim
interior fphera K 5 proindéque totum minus
erit fua parte . Q. E. A.

Sin verd fphzra K major dicatur , quim
fphzra EDF, & concipiatur effe fphzra EDF
ad quampiam aliam l‘iut fph=zra Kad BAC,
hoceft, byp. & imvers. intriplicata ratione
diametri EF ad BC ; atqui, f.byp. EDF mi-
nor ponitur, quim K ; ergo,14-5- fpharaH
minor erit , quim ABC : Quod repugnat
prim parti hujus ; quippé in qua oftenfum
eft, quodefe nequit diameter ad diamesrum
geryut [pbara ad magnisudinem quandam alse-
va [phara, cujus dft altera diameter minorem,

Ergo reliquumeft , fibi zquari K,& EDF,
COROLL.Hinc; erit ut fphara ad fphz-

ram , itd polyedrum in una deferiptum ad.
OGmile polyedrum deferiprum in alucra . -

L AVS DEQO..

LIBER
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8 I 1ei linea ( AB) fecwnduns:
extremam 5 ¢r rmaediam ratios

"tum: ( AC) affumens lineans
(A D) dimidiam totius ( AB ) quintaplum:
posefd ejus, guod 3 dimidia-eatins deferibis
tiuy; quadeati ;- :

. Nam» bC:
9. (4.2  p e

.rDAq' Plo AC 0 plc 24DAC'
- ) ‘ (b}'p-a' 1.2.) . :
Zqu.hze 3 DAq.pl.ABC pL.BAC (2.2.)

l DAq-pl. ABq. (4.2.)

‘DAq.pl.4DAg. -
(s DAg.: Qg E.D-

PROPOSITIO II-

N I relta linea (D C) fui ipfins fegmenti

) (DA) quintwplum poffit s predii’
f¢zimenti (D 4) diple (' AB') extrema, as
media vatione- [elle majus - fegmentum eft’
(:AC ) reliqua-parsejus , qua 4 principio’
relie (DC) -

Nam:

- Dch'

nem fecetwr . Majus [egusene

e~

;
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DAq.pL.BAC, pl.ABC (2.2.)
. DAqG pl-ABq. (4-!-)
DAQ;PI-AC(]- 1-2 DAC 1-2.)
\DAg. pl-BAC?pl. ‘ACq.(
Ergo zquantur ABC, & ABq.- QE.D. C

PROPOSITIO 11

7 reflz linea ( A B)fecsmdum extrensam,
dac mediam rationem: feceturs minws
Jegmentam (C B) affumens lineam ¢ DC )
dimidiam maijoris fcgmenti ( AC) 4 quintus **
plum poteRejus ,-quod & ( DC ) dimidia
majoris fegmenti ( AC ) deferibitur , qua=
Nam:
"fDBq. (6:2.) . .
- . §.ABC, 1.DCq- (b72.) .
Zqu.hzc Y DCq. pl.ACq. (byp.¢ 4.2-]
i 4 D%q. pl.DCq.
UsDCqw QE.D.:
PROPOSITIO IV.
' I rela linea( AB)fecundum exireman,
)’ acmediam 'rationem’ fecetur 5 quod d
tota (‘AB°),-quodgue d minori fcgmento
(C B), utraque fimul quadrata, tripla funt
ejus, quod 4 majori fegmento (AC) dejerie
bitur, quadrati. Naa
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Nam A B
i Bq- ploc q. 7-&
Aqu.hac { 2 ABG, pl. AC<(;. (by)p.)""
[] 3Acq- Pl' Aeq. .
L3AC QE.D.

PROPOSITIO V.

T vel?a linea A B) fecunduns extremans;,
=3 as mediam rationem fecetur ( in C) ,
apponaturque ¢i linea (A D) aquylis majo<
vi fegmento (AC) s totarsialinéa (DB)
© fecundum extremam » ac mediam rationens :
[fecabitur, & maijns [egmentumcfl, quad-
principio reéla linea { A8) .. ’
Nameft, typ. AB ad AD (fivé ad AC)®
nt AC2d CB, &, inverr.eft ADad AB, ut:
CBad AC, &, compon. erit DB ad AB'; ut:
ABad AC (Gvéad AD). Q.E.D.
© SCHOL. Quod fi fuerit DB ad AB, ut -

e r———

ABad AD;erit ABad AD,ut ADadUB, ..

arniram linea AB ficundum.extremam, ac -
mediam rationem fecabitur.

Quaniamenim,byp.cft DBad AB,ut AB~
ad AD; ergo, divid.eft AD ad AB, ut CB.:
ad AD; ergo,invert. erit AB ad AD, ut AD
al CB. Q.JiD

PROPOSITIO VI

NI 7effa linea Rationalis (A B) extrema
2. ac maedip ratione fecetur.(in C) s utrid<
g4e.

.-



I
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gue fegmentbrum (AC, CB) Imationalis
eft linea, quavocatur Apotome .

Nam fi maiori fegmento AC addas AD
zqualem ipfi = AB; mox, 1.13. 2quabun-
tur DCq. & 5 ADq; adedq; 6.10. DCq. &
ADq. funt {ibi commenfurabilia: atque,byp. -
AB, adedqueetiam ejus dimidia AD eft ra-
tionalis ; ergo etiz DC eft rationalis : Quia
verd non eft §5ad 1, ut num. quadr.ad num.
quadr; idcireo, 9. 10.DC, & AD funtra-
tionales, fibi tantiim pot. commen{. adeoq;
74410, AC, (fivé DC minus AD ) eft Apo-
teme . Rurfus, quia, byp.¢7 17.6. 2quantur
ACq. & ABC, 8 ABCapplicatur 1pfi AB
rationali ;idcirco, 98-10- BC eft Apotome. -

PROPOSITI1O’ Vil.-

] SI ‘Pentagani equilater! (4C DEB) thes

anguli, five qui deingeps , fivéqui non
deinceps funt, agnales fudring -5 aquiangu<=
{um erit ipfum-Pentagonum. -

Quoniam byp.zquantur non modd la;e?':i
BA,AC,CD,DE,EB, fcd & anguli ab illis
compreheafi 5 erunt, 4. 1. fibi etiam 2qua-
les bafes CB, AD, CE,quin & anguli ABC
& CDA; uti & anguli CAF,8 ACF;ad 5~
qué, 6.1. zquantur AF; & CF ; ac proindé
etiamrefidue FB, & FD ; ergo 38la FBE, °
FDE, quibus latus FE et commune, funt
fibi-zquilatera sergo zquanzurangalt Fiﬁ, :
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SFDE, fed,us peius,aquanturanguli ABC
& CDA ; ergo aguabuansr toti CDE, &
ABE . Tum ob latera & angulos interce-
pros zquales zquantur, 4.1: angali DEC,& -
ABC, necnon, ¢t priury &° 5. I+ 2quantat
a1gult CBE, & CEB; ergo aquabuntar to-
ti DEB, & ABE -, | |

Quod GangaliCAB,.CDE , DEB ,.qui -
non funt detneeps, ponantur 2quales; mox,
4. 1. zqubuncur anguli :ABC,8& DEC,quin r
& bafesCB, & CE;adeoqud, 5: 1.8 angudi - |
CEB, & CHE; adeoqué totd DEB; & ABE;
ac proindé¢, obangulos i A; & E fibi dein-
ceps zqualesy eric ,ur priu s, zqyiangulum .
ipfu.n Pentagonum .. Q: B. D.. .

PROPOSITIO VHI--

S_I ‘Péntagoni agatliteri, & aquianguli’

*( ABCDE ) duos angalos ( BCD,.
GCDE) qui deinceps funt fabtenddnt 1efis -
Yiea{B D CE)} he:extrema; acmedia:
ratione: e mutno fecant: Cr-majora ipfarum :
fegments (BF; vel EF) funspentagoni las
tera ..

Defcribatur circalds cirea Pénragonam; -
ergo,28.3-xquabunearcus ED & BC,adedq; :
27<2. &-angali FCD, & FDC ;- ergo angu--
las BEC, wat, 3020-duplus et ipfias FDC, .

<z displas etiami-efit ipfias FCD *: -atqui-etiam :
arcus BAE bis continet-arcum ED, adéog;
32-6-angnlis BCF eftdoplds -cjufdeman--
guli FCD¥; ergo, 6. 4. 1. zquabuntor l;l n~-
C o guli:

J T —



|
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guli BCF, & BFC 5 adedque 6.1. 2quabun- -
tur BC, & BF . Tum, quoniam, 27.3. trian-
gula BCD ,& CED funt fibi zquiangula ;
erit,4.6. BDad CD, ut CD ad FD, hoceft’
ut prius, ¢ 7.5.cric BD ad BF,ut BF ad FD:
eademqué rationt erit EC ad EF; ut EF ad

PROPOSITIO IX.

I Hexagoni latus ( BE) & Decagoni
latus ( A B) in codem circulo defcripto=
r8m componantur’s totarelialinea ( AE)

-extr. ac media ratione fecabitar, majufqué
- Jegmentamevit' Hexagoni latus .

Dacatur Diamecer ADC, & junge rectss
DB; DE . Ergo,quoniamarcus-AB eft dcw
olina paistotius circumfcrentiz; idcirco

. ,r‘gg%A((b)p'. )&, 2743
. 32-1. )
Kqus hi F5aD _p%.ABD G-1.)
Angull e 1 ABb (32.1.)
'L'z gxls)g; pl.2 BDE(5.1.)
; 4 -

Ergo, 12-1.07 2.ax. 1. aqoatur anguli ADE,
& ABD ; adéoque 2gla ADE, & ABD (nd
habent ipfa etiam angulum communem in
A) funt zquiangola; ergo, 4.6. erit AE ad
ADut AD ad AB, hoc eft), 15-4. & 7.5. AE
ad EB’ DIEB ad ABZO' Qo E- D' ’
COROLL. Hinc, 1.Silatushexagoni
alicujuscirculi fecetur extrema , ac media:
ratio=
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ne ; majus illius fegmentum erit latus-de~
cagoni cjufdemccirculi .

2. Hincetiam, #zprius, . ¢ 6. 1. zqua-
b n-ur redz AE, & DE, & quoniam BE,
uspazé latus hexagoni, =qnaturradio DF 3~
zjmbuntuy, ~ax.1etiz AB, & EF; adeoy;
etta:n EF eric latus decagoni 5 ac proind®@,
ut rvizs o ctiam erit DE ad DF, ut DF
adFE.

PROPOSITIO X.

S I incirenlo ( ABCDE-) pentagonum

equilaternm ( A BC D E) deferibatur;
Péragoni latus( A B)poteft Hexagoni latus
(FB) & Decagoni tatus (AH) » in eodens
eirenlo deferiptornm.

Dacatur diamerer AG : bifecaarcum AT
in K, & Jucan-ur FK, FH, FB. BH ,HM.
Quniam femicirculas ABCG minds arcus
AC zgnatut, byp. ¢ 3.ax. 1. femicirculo
AEDG minzs AD 5 ideo erit arcus CDbiw-
fariam fetus in G'5-ergo zquabuntur arce
CG,GD, EH,HA . Quontam ergo , bype
& contr. arcus HK eft £ ipfius HA, & BH
eft L'ipfius BA;erit BK 1 ipfius BGiadeo~
qué, 33.6- angulus BFK eft 2 iofius BFG 4
€11,20.3. zquatur angulus BAG; fivé BAF;
ac proindé zquantur anguli BFK, & BAF,
fed & angulusin B eft comunis, ergo 3gla
BEM, & BAF funt fibi zquiangula ; adedqs
‘4:6-¢ft ABad BF ut BFad BM ; ergo,17.6¢
aguabuntur ABM; & BFq. Rurfus, “;_/"‘



|
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&' 27. 3 t%uamur, anguli AFK, & HFK;
uti & radii FA,& FH, & FO'eft communis;

- €rgo, 4-1. zquantur AQ, & HO , arque an-

guli AOF, & HOF, qui proindé rect1 funt ,
& MO eft comunis ; ergo etiam, 4. 1. 2qua-
tur anguli OHM, fivé AHM, & OAM,cui,
27.3. zquacur angulus HBA ; ergo 3gla
AHB, & AMH, inquibus, #? prius; zquan-
wranguli AHM, & HBA , atqueangulus
in A ett communis , funt fibi zquiangula ;
adeoque,q.6.eft ABad AH,ut AHad AM;
ac proindé, 17.6. AHq, zquaturipfi BAM-:
Atqui, 2.2. ABq. 2quatur compofito ABM

. pl-BAM ;ergo ABgzgugm ipfi compofi-

to BFqg. pl. AHq.

COROLL. 1. Hinc linea re®a FK ,qu=
ex ocenur > arcum quemziam HA bifecar, cria
re¢tam HA il arcui fubtenfam biftcar ad
angulosrectos . )

2. Diameter-AG¢x angnloquovis A p(-
tagoni dudta, bifecat, & arcum CD, quem
latus pentagoni CD fubtendit, & ipfuin cuid
lacas CD, ad anga‘os rectos .. :

SCHOL. 1. rinc facilitisquimex 11.4.
Bmagonum regulare inf'crib‘emqs"ctrculoé

acatur enim diameter AB , cui ex centro
erigatur perpendicularis CD : Tum bifece-
tur CBin E, & fiat EF zqualisipfi EDj erit-
DEF latus pentagoni; Nam

( BEC, pl. ECq. (62.)
J EF . . :

Eavhacg BT (o)

kDCq: Pl- Ecqo ]

Ergo;-
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Ftoo, 3.4x.1. zquantur BFC, & DCq. fiveé
BCa. ; adeoqué, 17.:4. erit BF ad BC ut BC
ad FC:-quoniam ergo BC ef latus Exagoni;
etit, 9. 12 FC lacus Decagoni ; ac proindé,
1¢.3 DF eft ltus Pentagoni .. Q. E. F..

2. Ethinc facilé demonftratur, . retany:
effe Pen-agoni conftru@tionemillam ., ubi
feéta bifaria CRin Eabfcinditar EO 2qua-
Jisipfi EC, & ex D per O fit circolus; fecans .
piiorem circulum in M,& N; atqueducitur
MN, quee dicitur effe latus péncagoni.
Q:1ppey Schipravedenrs zquantur DE,; & EF; .
sque, confie, equanrar EC, & EO ;5 ergo
1€, quod Sch. preced. eft tatus decagoni , .
aqu2bitoripfi DO, five,tq.defot. iplis DM, .
DN, adéoque DM & DN funt latera deca-
gog:_c -proindé MN eft latus Pentagoni ..

PROPOSITIO XI-

I'in Circule vationa'em habente Dias-
metrum (AG) pentagonum aquilatee
rum ( ABCDH ) defcribatur 5 pentagows
latus € A B) irrationalis eft linea, qua vocas-
tur Minov, = _
: Dvc Diametrym BLO; & fiar LK 3§ radii
L0, & CQ % linex-CA . Quoniam ergo,
cor. 10,13 anguli AFL , AIC rei font, &
angulus in A eft commynts ;- idéirco, 32.1-
;gla AFL, AIC funtfidizquiangula, 180, - -
2.6. et CIad FLue CAad LAsfivé ad LO;.
qua:funty conftr & 15.5. ut CQ ad LK 5
oo ergos.
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sergos altereft FL ad LK ut CIad CQ, qua
fuat,15.5. ut CD ad CF, (nimirim, cor.10,
bujurut 2C1 ad 2CQ ) ; ergo, compun, cft
FKad LK utcDpl. CEad CE 5 ergo, 22.6+
-eft FKq. ad LKq. ut quadratum taétum fub
-CDpl. CF [hoceft, 1.} §Clkge§ ad CFy.

;| -erga FKq..eft § LKq. lrague fi Rauanalis

BO ponatur 8; LO crit4: LK erit 1;2de0~
que LKq..eric 1. BK erit § ; adcoqué BKg.
eric 25:& FKq.ene 5 [Nam,w prausett Fhq
-ad LKq.ut §.ad 1.] Vndé pater,BK, & FK

. efle Ratjonales fibt pot. tantum.comment. ;

adeoquc 74 10.-BF efle.Apotomen , cujus
-congruens eft FK: -Quomam verg,vepriug
BKqemiuas £ Kq. <At 20. 1dcirgo,9-10- BK,

-eft long. incomment. lincz potenti-quadra-

tum fub Bk muinusFK.; adeogué ( 4. def-ex

-ters1is 10.) BF ¢t Apotome Quarta . Quo-

niam vero , 8. & 1746. -zquantur ABg. &

.xcétan%ulum fub BO, & BF ; idcirco , 95,

20 ABenc Minor. Q.E-D.

. .PROPOSITIO XII -
C ! in circulo triangulum aquilaterum
. (ABC) defcribatur 5 trianguls latus
{AB) potentiatriplimeft cjus( AQ), qua
X centyo cixcull ducitur ,

~ Quomam,<or.1c. 13+ zquantur arcus BE,
& EC; ideoarcus BE eft + totius circun.~
ferentiz 3 €rgo, 15, 4. zquantur linca BE,
& OE ; adcogué

Zqu.
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4 BEq. (s prius
Equ.hzc{4 OEgq. (4.2.)
: AEq. (47.1.)
Ergo, E; B‘ 1. zquan:ur ABq. & 3 BEq.

COROLL.. 1. AEq. ad ABq. eft ut 4
ad 3. Tum ABq. ad AFq. eft étiam ut 4
ad 3. (Nameft AE ad AB ut AB ad AF)

2. AquanturOF , & FE ; nam glum
EBO eft zquilaterum,& BF ad EO pérpen-
dicularis ; ergo EO fecatur bifariam in'F .
Atque hinc demim zquantr AF,& OE pl,
OF) & 3 OF . ’ '

PROPOSITIO XIIL

Yrgmidem ( GEFC ) conflituere , &

data fpheracompled: ; & demonfirge

re quod [para diameter ( AB ) fit fexquial=

tera in potentia lateris ( EF ) ipfins Pyras
midis., '
Circadatam AB fiat femicirculus AEB,
atque 10: 6. DB fit -} ipfius AD;& expuncto
D erige perpendicularem DE , & trahantyr
BE, AE. Tum ad intervallum ipfius GI
zqualisipfi DE fiat circulus, cut infcribatur
s8lum zquilaterum EFG, & 12 11. excen=
tro Lerigaturnormalis 10 zqualisipfi AD,
& producatur Ol in oppofitam partem, itdut
teta OK aquetur diamctro AB,& jungantur

1<z OE, OF, OG ; dicofolidum GEFO -

efie Pyramidein expetitam «

Si

T e

t
f,
|

\
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Si quide’, ton/Ir- angl.lll ADE) OIE, ()IF)
O1G re@i funt, atque DE, 1E, IF 5 1G fibt

. 2quatur, nec n6 10 zquaturipfi DA ;ergo,
{ 4» 1. fibi zquantur AE, OE, OF, OG.

uoniam vero 8. ¢ cor. 30.6. AD , five 2
DB ad DB eft ut ADq.ad DE3- erit etiam

| ADgq. duplusn ipfiusDEq. ; Igitur

- (AEq. (47.1.) _
ADgq. pl.DEq.(ut prius &5 7.5.)
&qu.hac? 3 DEq. (conftr.]
' lgbq- (12.13.)

g q.
Ergo fibi zquantur AE, EF, OE, OF,0G;
adeoguc Pyramidis GEFO eft 2quilatera -
Quod fi pun&tum D punéto ] applicetur, &
linea AD linez 10 fuperponatur ; congruéc
<tiam linez AB, & OK utpoté.aquales 3
adedq; femicirculus AEB axi AB , 'vel OK
«circumnduus tranfibit per pun&a E, F, G ;
adeoque Pyramis GEFO infcripta eft fpba-
rz cojusdiameter eftdata AB . Q. E. F.
Quinimo eft, &, & cor. 30.6..ABq.ad AEq.
ut ABad AE , qua funt , comir. ut 3.& 2.

Q.E.D. :

COROLL. 1. Hinc ABg. ad JEq.efi ut
9. ad 2. Nam fi ABq. eritg; erit AEq. five
EFq.6;ac proinde, 12. 13. Itq. erit 2.

2. $1 C fitcentrum fphare ; erit ABad
CD ut 6.2d 1. Namfi AB ponatur 6; erit
AC, 3:ac proinde, confir, AD erit 4;adec=
que CD erit1; Hinc

3. Eft ABad 1O ut6.ad 4.qua funt ut 3.
ad2; Edcog%c 110

. Erit +2ad10g, vt g.adg. -

4 q g ¥t 9. ad4 PRO-
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:

PROPOSITIO XIV. |

Ctacdrum K EF DGL) conflituere,
& data [pheracompleilis & demd~ |
firare, quod fphera diameter (4 B) potcntis |
[it dupla lateris ipfius Oltaedyi . |
Super AB defcribe femicirculum AIB,
& ex centro C erige perpendicularem CI, &
ducantur Al , & BI. E‘cum,fqpcr ED, cui
zqualis fitipfa Al fiat quadratum EDGF,
cujus diametti DF, EG fe muto fecent.in |
centro O, & ¢x O, 12.11. ducnormalem IL |
wqualem jipfi AC, 8& producatur LO ad op- !
poficam partem , itiut OK zquetur ipfi OLs |
& conne&antur czterz lincz ut in ichemar
te ; erit KEFDGL O&aedrum quaficum. |
Siquidem AC,C3,FO, OE &¢. zqualiii|
quadratorii femidiamerti {ibi mutud zquane
tur ; adeoqué,4.1- in 3glisredtigulis LOE,
LOF,FOE &c- bafes LF,FE,EK &c.xqui~
tur; ac proindé ofto 2g12.LEF,LFG,LGD,
LDE, KEF, KFG, KGD, XDE funt 2qui-
latera, adecoqué O&aedrum conflituent :
"Quodquidem fpharz cujus centrum O.&‘
radius OL fivé AC infcribi pateft ; (Siqui-
‘dem, comytr. AC, OL, OF, OD, OE, UG,
J(\)éi ﬁ}mgﬁy.éalcsi)! ;25:[ Cazterum,47. 1.
-Aby.five LKq. eft duplum ipfiu .q. fivé
Lhg Qi D cuplumiplos ACg. fivg |
COROLL, Hinc inO&acdro tres dia-|
metri EG, FD, LXK fe uutuo fecant in cene
tro fphaiz ad angules rectos . S
2. m

|
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2. Jeemtria plana EFGD,FLDK,ELDX
funt quadrasa fc mutuo ad angulos | rectos fe-
canua . _
3 OQaédrum dividjtur in duas Pyrami-

des fimiles, & zquales EDGEFL,& EDGFK

quarum bafis comm\gms eft quadtamm.i

EDGF, e
4 Tand’em bafes O&ardri pppoﬁtz fuuv,:

fib1 matng parallele )

PROPOSlTIO Xv.v_ o

me (EFLN,QVH) mﬂimiv';l
& [phara citplédti's & d‘uhohﬂfd-‘
q 18d (phara diametes (4.8) potentiaJit,,
M I‘t{ré‘ébr) ‘,Pﬁ“‘ C“ ,I S i,
3 3 knuesropl AQB & 6-
fiat Athtﬁpla 1pﬁus‘i) o&ﬁxguu: pe;'én- '
(_}!CU]}HS DI?E, & ducantur AOBO
um fuper EE, cyi zquetprip ua-
gst’ulné E‘F{-IL cfwg?ﬁo jn(ra{'gt rc[gzqﬁ
LY siphi uales, & sonne
tur redlis | \" ; ng VQi et Ib‘hdagg
EFLIPQVM Cubus& etitus.’ .
-Cwtetg in’ qudrdusow fitis BFQ"P e
ILVH ducantur drametri EQ , PF fe fecan=s
tes'inR, & IV HL fe.fécante [ iR O ,8 da-
citur OR,; & HF 5 ¢rgo.tcBaOR, sor.39. 1 1!
bifccabit diatetrns Cubi ip punfto K cen-
tro 1pfius Cubi; adedqs K erit centtum fphe-.

L% per angulos (.ubl mufcunus .
Ium Ce o



{
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ey L T
Ik %CEQq pl.QVq (47.1. ) ’
Eqo- ""l EFq. pl-qu pl Q.q.(mfm)»
2 Q\ﬂ- (comfir) A
Atqm cﬁ; 86.‘(9' cqr’:a.s. AB&mﬁd BOq.
ABad BD, quz fant cow'fr. urz Aad 1y ergo
fibi =y uan;ur?B » 8 g"\;; g‘(l)ﬂo taid;gr
utraq; tripla eft tofius QV' five s ade ;
mﬁ:n’ptusc& Cubus &c. - Q. EoF+ - ’\ '
COROLL. 1. Hinc ontoes dlaméesi cubi’
fibi xquantur »Rqué muerud fecant in“eéntro
fpbera,ut & redta, quzquaammmppo-
fitorum'centra copdungunt ., o< T8
.. Hinc diamerer(phere poteft latus Tés -
tricdm&-cubl, fiquidem, 4. & ABq. 2zquas'- i
euripfi-AOq. [quod, r9i13. ,m hads Tetrde-"
dn{plos qu (quod > 4;. ;.’c& latw
.-“.' u-«.;J -.frn'.». -vdnl .u
T PROROSITIO 'x_vx€ "-':';'.'*:‘ \

ICo]aedrlim ‘conflientre ;) Pl
plecfi: "y’ demon, rar? qu‘od, {co[acdr{ L
latus (AC) Iwmm mga, Gue. wqa-
tur Minory, i, o 1y ,95 aenia S
CONSTR. Snpwdumeuum MNdeerie ©
be femicirculom MZAN; 84 10,64 i PN £, - ’
MN, tumexPerige perpendicuhPZ, &.doc
ZM; ZN :diindead invesvallum AF, cui -
zquetunipfa PZ fiat circulus AHED , cui, -
1L 4/ inforibepenmg. reg. AIGEC, cujus -
cna.nc.:;twloblfcczaxcas AL IG &c. 8& COn |
neéte

a—
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necte retis AL,LI &c. quagrunelatera de- -
cagoni : tum, 132-LI-€rige tpm € fen:rp F,.
quam ex punétis L, H, %; P,.B}b Ipfi ndio
AF zqualcs normales Jineas FQ, LR ; HS,
ZET, DV, BX, &ducret 2 RSJIST, Tv,
VX, XR : ARZRL 15, 8G, G F, TB, EV, .
VC, CXs X A: agque produ@anormoah FQ, |
fiant QO, & FY, aquales ipfi:AB:, &.eonci~
piantur.duci reéte #x puncto Y,ad, ppngtal, .
G, E,C, A; atgue ex pundo Q ad punétp X, +
R,bS,_T., g.;'.}l,)wo»fa&mm-' N i;érh;‘v K

Demanfir. Prima Parus o\Nam, o lingas .
Qh,LK,HS,ﬁf.DV,bX.nQn mﬂddz:‘,‘i{‘[t"' :
reétas plano circult , adecogue, 6. 1 1 fibr.pa-
_tﬁlkl“,@d & ﬁbli) Bqualesy ctiamj u-g:liz .
1llas conjungunt binz, atque bine hiatl,
&QR:FH,& Q5 : FE,&QT: kD &_ .
QY +FB; & QX, funt fibiparalk & zqualgs:~
atqui FL, FH, F&, FD, Fls, uepoté fermnidiae |
mictri, fibi omnes aquantur ; ergo etiam fibi.
zquantur ormnes (%(, o \)) Rﬁ, EX;;QX, :
Itd etiam i conne®terentuc LH, H/E, £D; .
DB, BL, quzomaes, 29. §.{ibi zquantur 5 -
&quareqgur, 21.1. etiam fibtomnes RS, ST,
TV, VX, XK, fiquidem tath ha in fublimi, ,
quamilizin plano fub efto conjungunt nog.
miales parallelas, & zquales LR, HSy BT,
DYV, BX; ergocirculus per fublialia panéta .
R,S, T, V,X ex pantto fublimi Q du&us_,_., :
zqualis , & parallelus eric fubje@o-cirenlo,. -
& fublime pcnggonum RST VX erivparals;:
lelum , & zquale ipli fubje¢to pentagona -
AIGEC. Drcindé concipiantur duci-FA »

FC, FE, Y5, Fl in fulbjecto plano, atg;tum
e Q.2 m



3697  Elem. Eutlidis -

in Jublinii Jlﬁ:iQX,QV T, 5, AR ;
It QT,Q, QR

A
Eq!i béc‘ Agg. }(14785(2] (coﬂﬁr.\
AA(,q pl: AFg. (10. 13)

q-
Etho*ﬂtn ééqugnrur -AX’ ,& ‘AC/, ea:kmqne
:mohe’AL &(CX atque ita’ d'caarens,
adégqné ’to*l‘mm ula XACy XAR &c. funt
fibi@quitdtera, &promdc aquaftal Rurfis,
quonmg angulys XOC rectus eft’, ary: - OX,
uéertd-radivs , eft far:s hexagont; necnom .
OC’llatuS dccagom |dc‘u'co en‘am ’
IEQu.hzb< O(‘q (pl OXq (tc.tg
el wrpriusy ¥
OCX, Qfdcakmquc ra lOﬂC X, (.V,
‘} c. ﬂu‘ahtur tady 1nter ‘qu mcﬁé’txs
‘AX, ngc Ergé alia 1%, tidngula -
r, tam ibi tmotud squdm 1o priori-
bus, adcoque fx&dm cft Icofacdrum .

‘D'nfm!ﬂr S?mmd.e Parts . hmvfro blft’- .

cerd FQ inK; & ducretas KA, KX, KV,
& quohlam, ‘def,1. zquaniur QX &QY, "
atque- K fgcommums’ tfecnon apgnli -
K Xs KQV redti funt; eigd, 4.1. 2quabon-

X, &KV, cadcmq, ratiohc zquantur
omnes Kx, KR, KS,KT) KV, KA, (o,KE.
KG, KI. Quoniam autem 2913 et YQ
aa Q_s ut %ad YF ; ideircod™

Eq.

|

(




Liter ﬂ{lv 35
gﬁ% {(p 2; d‘«\-

. ¥
Y. f u.bzc F ,pl FK Cop r:’
e FAq. pl. FKq. 547 'L)

Aq.
Ergozquantur YK »& AK 3 eademqué ra-
tione OK & AK 5 adedqué'fphzta cujus
ceatrum cft K, & radius KA., tranfibipper
12. angnlos Icofm‘(h'l ‘Deindé’, quogiam,
155 e K, TP ut YO IOQPF a
236 ¢t YK‘q FL KFq.ur. ¥Oq) adr){«\}.ato;
us priusy zquantur YKq. & 5 Kfq.. er.
equabuntur YQq. & . QJ fivés Nq-
atqui etlame ‘[ »8.6, MNq. ad ZNg. ut MN
ad NP, quz funt, Congrr. ut 5 ad'1. B rgo,
6.0x.1. zquabuntur YO, & MN..  QE. E.

Demonftr.Tergig Partis.. Demim quonid,
wt prius 2quatnt MNq. & 5 ZNq.five s AR

atque M ponit rrax;onahs, crgo 6§ 12,
10. etiamn, B amstcr Ap eft rationalis,.
adedquetpta jamerer Circuli, cujustadius
AF, cft ratxonalx agproindé, 11.13. AG
atus penty g,om, ﬁnoccﬁ lawus Icofaedsi Tes
tauonahé ext)ﬁ lmca, qu® vceatur: Mmor o

Q.

COROLL. r-Hinc pateeﬁ) rzdxamc-
trum efl¢ pot. quintuplam femidgametri Cir=
culx,pentagqnutn Ipofacdry qmbientis. 7

3. Spharz disinerrum effe cortipofitam ex
latere hexagond, hoc ¢ft 6x radio, & ex duo-
bus lateribus e‘c_agom.cgrcuh ) amblenus
pqntago‘ﬂ wlcefaediz,. .. - -
S, ko gdu_ GiraJaters ;. qualia  funs
Rx,.hhdr; ela N;mmn‘ T



366 Elem. Bithl;

RX paraflelaeft iphiLB ; ‘;uzlbaraﬂefa et
ipfi E[obarcuumn Ros 0 ten uq;
aqualitatsm }3 ergo, ot Iy X,,& ‘funt
panllcl(” NS ,

Pnoposnxo xvn.

dmec{mu capﬂ:?um, & data /‘plu-
. va complpibio & demenfirare, Dodee
cacdri latns. Imukm c[: bimeam , que
Wl'dtlh" i
l:xpona Bﬁ dEmT zradeferie |
pti duo plana B'F n6t a tér fe fecin
&, fecordrg c ;plbrum ates

rcui?blfan?_md &xshnex? NKOR d
tum 1L, t *a
NR:'OXad mggzﬁsx - HP ad pT,
ut PTad HT ¢ %1 lﬁhs

T dutantar ad exterié?e ﬂé

Cubivhints be} zih%i ' ﬁs RO,
OS,PT = naleis-}e&y >&duc, |
YB,BQ,QC;&V,VY L-&gd, agonom | |
YBQCVeﬁ‘e%uHQﬂm il ™

ang. Iun an B ‘«xtque tﬁ

. ggqrpl S&ﬁi; ;) R
Equ hcc ‘ BNQ &91 NRyq: g?lY'q conflr. & (
o z‘mg:‘pli%‘[émﬁr] !
Ergo,4 2. BY aupm?gﬁﬁsgy, atqul 2

mam,c»tfm RS(hoeéft & 33.1. VY)
:pﬁnsRO, VG‘R’!‘, dup deﬁ: ctgo,%» S




o h
R
3

H 7ot npcnu 0|
- atqzt eft hgc gg?agonum ip yubi Jakere BC;

t
|

L;bar X1, 1367

ﬁ 1 a qtu(VY & BY, atque ird fimilicer
ctur decztens ,BQ.,QC,CV, c2s
;‘a)e f 3.6Tgo pentags ell
zq:h atcrum. Dcmde ducatur OZ paral-
lcla, ipfis RY, SV, & trahe ZH, HQ ; Dico
OH, effe ynamre@am : Nam, conftr. et
HP PF, ut PT adHT, ho? ef, conftre &

7-S. HO OZ’ ut QT ad HT, mufyco

&6G.11+ p'ﬁrﬂFelk et ad QT ; urt &
ad ©3; ﬂ'go, 1258 CHeR indirectum lpﬁ
HQu: adedgaayierwpiencagons e ¥BQCV
in codcm cﬁ plano Tumewmiiry. 8¢.5¢ I3+

4] ‘&V;q l‘?y,'b ns 143 Bl .
- A ol K tmn

Girs 4R &Ms 1)

R P ,’;ﬁf@g (gonfﬂ.

gi'?-'b.’;cr w i' nnu R AUPE
PR RN T ¥ kﬁﬁsq 47.1),

ek L@ Y%{:n-:e r-‘ .

FIRER SYWEa § § 3/ FTS 'I

Ergaya 'ii, dpslae,&mmsmmndcowé,

ot AAREEBY B G AL 20
pcmaé; Q_ljm qulclr a‘:grua}, wg:t :qu;ltlt;:‘
s H6rgaY 3 X, an
YV, &B !, ea :ﬂ m@ patehit
zqum angu os B yC; ?dcéque,
Y’Z wiangulii:

ergo, i idenmfjae iny ogue/sgs laterum
Cubi;, Conftituetus dgm 12 peptagonis
cmtma:,wnpé Pedegardram .

Qs

Deindé



368 Elem. Euchdis

- Deindg, pradacatur ZO:in imeriores par-

wes cabi , uigue duth, 39 1L, Octurtat dia-
‘etrp cubi, & f& mutdo bifariadm fecepe , ue
putain 4 ; ergo & erit centium fphierz cul
gomplettenus, & Oacrit- . lateris cybj .
Ducatarjam sY § ergo’ #rpri%s , zquantyr
NSq. pl.OSq. & 3 .?? hoc eft, confir.& 1.
#x.1. fibi aquantur 3 NOq. & #Zg. pl.2Y
{hoceft, 47.1.aYq.) Ergo, 15. 13. aYelt
fpharz, Cubum Complectentis, femidiame-
ter : adedque runftum Y- eft in fupetficie
fohazrz : quod oftenfum puta de teliquis Do-
decaedri angulis ;- acproindé Dodecaedrii
ipfifpherz tafcripumelt. QE.F. -
-~ Poftremd: Quoniam, cosfer. e NO ad
OR,ut OR 1d NR ; idcircd, 15.¢. erie N-¥°
ad Rf:’ u:RS aéé\TR'p]-SX N a{{;}i NX mé- i
joreft, quam RS;-ergo;14.5- Rymajoreft,
guim NR pl.SX; qcﬁdq;_ljﬂfcﬁa eff extr,
ac med. rac, & majus RgmentuineFRS,Ni-
véy ut prins, TV »1aiqu: NX, a%s cubi; eft
rationale, ue poté pot. fubtripliih rationalis
Diametri (phzrz; Ergo, 6.13- XV ¢ft Apos
towge, QED) 7T AT
‘COROLL. 1- Hinc,fi latus cubi fecetur
exte. a¢ nded.rati «fie; indjus fex nicntdm efic

latus dodecaedti in eadem Tphasa deferjpii, '

" 2. SireQa linea, ‘ell2 expry ac medsratios
n¢ minus: fegmentutn filated dodecaedris .
majus i fegnicntam: <eit Jafli§ €ubi Suldém
@h‘ara‘: N IEBSEUAE (E RN Phitede NS Rn i iriolaiain g b4 AR

" 3+ Patet'eriam) latustubi Fqrale efedis

n'o'z:s&, fubtendenitd angh ﬁ%ﬁ? gn |
A
PRO-. !

doﬁcga_c};i» Sﬁ‘e'a‘dém‘igﬁﬁa’a'e Y



IR -5/ /1 S
Pkupésxrto xvm.
theh qhingsie borfbfum'l’ﬁtbrixm

expiotiére , & inter  f¢ cotbpargre’, o
- Nempé ; 6 fit AB" diamietér ff hizte ,
fcqurcuhw. fitgqué AC 2 AB,’& g
B, &. crjgat}lts gcrpendic limer Q-
df’ s1pfi’AB: da anturqu?fc te x et
pen cularés, a¢ in fEhéindte, :
?ﬂl C],,ﬁa;quc,ao 6- ‘dn ¥y

314 conflr, 4%, e 1y,
nghr ;%:%lti,Aé;/) qu iigc?lg?gfl
sraedrse.
ccmcnt A tonfire s ad ¥, GFARA AT,
unt tBBq 4d’BEq.: hbé o fz-»

ac rt.
m¢n; Cosifire: ‘,vad‘ 1; e m&‘ADf
g “cﬁlﬂl’ UI’ABQ{“AFqg flé , 159 Iz,'
ad atus ?'Iexaedrl

. Ttein erit, 17:64j: AX ltys Dadccad‘r)
§E§§ui&énﬂ,:;ﬂy}fagt* J\E?ddhfk,( ]fti&)(‘ga

. De n,4.6, 'gfgi“é’mc
Fﬂ,‘;ﬂ? onu ,?crg?}uﬁgbztﬁt Hr 2

&z C, hace ‘KI, ergo,4 ‘@quabantar

HMlq; & 41Cq. ac proinde 5 47-1. & 2iax.1.
zquab. CHq. & §1Cq. atqui AB cft.dupla
ipfius CH, puii&XI, vel Hleft dupla ipfius
1€ ;. ergo zquab. ABq. & §KI'; adeoqué, -
cori1Ghuj kL vel HI eft radnus circuli am=
bientis pentag. .Jcolardri, & AK, vel 1B, 10,
bad. e Bt lacus decac;{:m eidem girculo inferi«

5 pti;



275 Eh’lngﬂt‘;ﬂl
pti' 5 €180, 10. buj. AL eft Tatuspentigeni ,
neécnon,16.5xj. eut f AL lagsIcofaedri. -

Vadé paret latera Tetracdri, O&aedn, &
Hexaedri<fie fibi pot. comment. & rationa=.
lia : contrd verd effe Irrationalia, & fibF
pot& incomumient, latera Icofdedri, & Dode--
eaedri. .

Jtempater, Yarus Tetriedri marus effe 5
3uim latus Qtaedri ; & hoc quim Hexae-.

& hoc .quim I'cofaedri , &hoc quﬁm
fie |-

SCH L. Quod aut’cmpmcr dxéh dum-b
que Corpora regularia , quiknempé’ figuris
Planis ordinatis , & zqualibus continentur, ’
nullum aliud dafipofiit’.’ Indé'quidem pad
tet, quia ad.fbrmandqm angulam folidumr
‘requirariéur ad minimum cres anguliplani,
qtu, 2111, ﬁmul fampti minores efledéber,

nly ? : Atque 6'anguli triangpie

ater 4quadrauc1 » & 3'hexagonici,
ﬁ iHatim quatuor reftos exzquant : 4'verd

eg nici,-3lieptagonici, 3 oftagonici &c:
-4 gxcedunt ; ergotantimex 3; 4, vel
g trigonis zqmratcrrs » ex 3 quadracts 3 ‘vel
3 onis, effici potcﬁ; angulus foliduss
\adedgpe prafer quinqucés ﬁca,mmaaha
corpo:é tcgulam dari poffunt :5)‘8- Dy

f
“t

,E@VSdsoe

. . Can
£

LIBER
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LIBER XIV:

Vaex (H) centro circuli cujufpiam in
, pentagoni eidems circulo inferipti la
.. . tus (CD) ducitur perpendiculayis
CF0), dmidia eff utriufguce lince fimul
(H K ,& K D) nimirum lateris Hexagoni,
Ox:lateris Decagoni cidens civenlo inferipti o
_ Sumatur BO zqualisipfi Ok , & dacatur
CB; ergos 4.1 2quabuntur CK, & CB; ere
ﬁ.c, §- 1., @quabuntur anguli CBK , CKB,
HCK;ergo - 7 o
L. .4'. r'KCB'f”fPX’I‘”f}
Zqu. hi § KHC [4yp. & 3326.3
anguli 3 SHR (32,1
} L CKHES 1. & 7w201.]
!:'"S‘ XCB & li KCH
o amgulus KCB eft. 5 anguli 3
sdregdqugg quabuntur anguli HCB, KCB,
KHC ,fivé BHC 3 ergo, 6.1. 2quabuntur
linex HHB,8 CB,1 fivé CK : quod fiipfi HB
addaslincam BO, atquiipfi CK addas lined
OK 8 uz factaeft 2qualisipfi BOY,‘erit HB
pLBO, hoc eft totaHO) 2qualis 1pfi coms
‘pofitz CK pl.KO : ergo fi omnes fimul ad- .
das; erit HO pl. OK pl.CK , tho¢ eft HK
pl.ék, dupla ipys HO» Q.E:D.

PARE.

80



 Hlew, Beilids . -
'PROPOSITIO IL -
1 bina vé34 lisca ( AL, IF Yexirema,.
§ ¢ media ranon?‘emm 3 iple in tas

m proportione fecabuntur .
Sumatr LD 2 E%uahs gpﬁ CL, atque tum

zqualis ipfi uabuntur ergo,by,
17?‘. AL& vé: AL‘b)s &ACq. én

lﬁl(ﬁvé IFO),& 1Eq. adedque, 8.3, Zyias
Dq.& 5 ACq. ut 810q. &5 IEq..
Cr&o az 6. cric AD ad ACut 10 adJE
pru AD ACadA IO{)IJE ad 3
hoceflt, Gonfir. 2 AL ad ntzl ad 1B
ac proindé, 15.& 11.5- §- AL ad Aé‘. utlf-

8d 1E : & diuid, atque m‘vq‘lc (. id CL ut»
JEad EE.. QED. . R

: xnop.osxn.o: x_n., e

Dews.cirenlns comprebendit & Dodeesed
dri pentagonuns (ABCEF) & Icofu-
dri triangulim (RS ). cidens Ipbm iny
[mp;m- - g
Ducantur dlamater AD & rc&z A -
CD: fraurem Z diameter fphm » & \
Zq.2d QPg- ut 1. ad 5, atque, 30.6. fiat Q -1
adQM,utQMad MP.. gitur - N
rABq.pl ACq pl LDq (31.

& 47.
Zqu. !‘zc< ABq. pl. ADQ (4:2:)
|ABq pl 4(:Dq [1c.3.)
I L5 GDq. pl. CDg.

s P

EBrgo, \ &



, Liber X17, 373
Ergn; 2.62.1. 2quantyr fibi ABq. pl.-AC_?i'
& ¢ GDqg. Quoniam vero, brp. & 8. 13- ¢f
] ACad AB,ut AB ad AC min. AB, atqu
i\ conftr. etiafn eft Qiad w,ut QM 332)

9
1 min. QM ; ergo, 2.713. &-absern. erit AC ad.

QR g‘g ABad AL . c;go, 2&‘6. eric. E Aqu:
ad s QPg.ut -ad 5 QMq.atqui[15.13
zquantur Z ?&, 2 ACq.cuzfg’, & » conftr. 2qs
E s QPq. Ergo,rwex.1. 2quabiitar 2 ACq.
& 5§ QPq. uti &', 17: 5+ 3:ABq. & § QMa.:
atqui in circulo , cujus diameter QE, , ety
1.c77: 16.13«- RS latus pentagoni ; o -
{ 150Sq. [12.13.} )
.. & sRSe-{1o.ercorgaz]
Zqubae ¢ § QP pl.s QMa. [uspriu]
B § 3 &Cq.pl,gABq. :

Ergo cir lﬂhg'euiu'u;imm eft OS mquar

wir circulo, cujus diameser ¢8 GD »

. Ldo.
N SE

PROPOSITIO W

D I ex (K) centrd circuli pentaginum doe
decasdvi CABC DO) cirenmferibentis

? dwiasnr paptndicklonis( R R) ad ansm pens
sagqni. basnd GENDY 3. enis vellanguinms [uls
¢l Juirer (G20 ) perpenidisulari (K R)
wigeflesfumptum , Dodesdedri fuperfiéisi
I8 ek o (2 e, s,
1‘!0{ wmv)‘m'c‘u%/%i&qm,gmu:

]
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icalgris niY' maug(dua yns
i('am upmui ekt uw/ub d sz:-n
HN) , & perpetdigidar compn-
beérd }u : W;lyg és fimpm,;co-
f_ucdr:]}ap? cmnga MESIAE ¥ LAY

1. Ducintr ceerefe™line2 ~ext centris :
.l:rintcrgo, $H13g12CKD s DK ,OKA;
B fibr zqualiaz atquisit. v, zg!um CKD

en&,g;&ggg;mfuhcbf& KR nee 036"
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4 h‘ ?\‘\\‘K§€§\§i‘tm%v‘! woy by "
S s Mondanmadyi W
driciey adatsfpineka o
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. uerxnn s,
K '& Qp (?D' producatur ofque ad C,&

connc&amr 1gindr .
‘ "‘" r Ql_(rranc”n!}]

: v oo pl.CDad 2 QC[r5.5.]

£qu. hz ; Q(%E‘li Cg a[d Q_(:‘][(g1 13]

Ca 15-€

o '(-;‘%Iado' CDcrf}’c' a213:]

{ : a ”min
Atqui euam,%-"w % eftHad BD, ut BD
Bagd HminD; ergo, 2.14. erit QO ad QK,
utH ad BD'; acproindé, 16.6. reang. fub
QO,& B Daequamr re&igulo fub H,&
atqui, 1.6. e H ad AD, ut re®ang. fub
& CLK -ad reCang. fub AD, & Qk, quz fnnr,
ut prius, & 7.5. ut re@ang. fub QO, & BD
| adrettang. fub AD, & QK quz , cor. 4+ 14e
! foge, w0t fupuﬁcnes Dodecaedn ad foperfe
- Leofedti . Q.E.

: PRQPOQITIO VL.

‘ SI 1224 ( AB) fecerur extrema, acmedia
, ‘Yajlohe ;. ertl, ut refla (RF) potens id
;_ quo?a fota (AB) ¢ id quodd maiovifeg~
. taents ( AC) advellam ( Z') potentem id
- quod & tota (A B) erm‘qnod d minovi fege
mento (BC) &2 (BG) latus Cubi ad (BK)
14::«9&:9[4:&» adam fplma enm eubo ine
fmg;g ATV L

ngmdm, uugr am ‘BKq, rnplum ipfius

Bg. 13tquey 4-13v-erit Zq. triplam ipfius.
gﬁfrﬁo’ b %.erit BKy. ad Zq. ut ABq.

ted. 9148972 & 2.-14. Ue
| BG‘I-a ﬁFq atqf:km.emﬂcq ad BKq

.



276 . Elem. Euclidis
wt } Fq. ad 74 adebyue ;!72.6, erit. BG ad’
ai. k, .t PFai2. 30@;0. - QW!
PROPOSITIO VI
D Odecaedrum R ad Icofgedrum, ut la~

tus cubi ad latus Icofdedri inwna,cde

domque fphera infeviptiy,”

Qqu viamenim, 3.14. idem ctrculus con~
tine: dodecaedri entagonum , & icofaedif:
32tunn, atg; omnes angnli tam pentagonici,
‘0 rimtetragonici fuderficiem fpharz tangiits
idgircd, 47.1. perpendiculares, ductz 3 cen<
tro {phara ad céntrd 14. péntagonorum do-
decadri, & zd.‘;riangu?gxrmh icofaedri , fibk
squabuntur ; 3dedq;hi concipiantur dodes
caedrum , & icofaedriyny refolvi in pyrami<
desy. erunt hz ejufdemyalitudinis ; adedq;
erun., 5. & 6. 12. inter fc, utipfarum bafes,
nimirim erunt 12 pyramides pentagonica
[five dodecaedfurh] all 20 pyramides trigo-
nicas [fivéad icofiednnn], ut ¥2. pentagona
ad 20 triangula,fivé ut fuperficics dodecae-
driad fuperficofiedri, quefunt, s .14, ut
Jaws cubt ad Jas icofaedsi, " QE.D.

PROPOSITIO VL

] Dem circulus comprebendit & enbiqnas

draium (BCK@), & oilardyi 3glums

(AGH ] ejufdem [here R
. *itZ djameier, fi) arz. Qyoniam ergo ,
15.13. & 47.1, fibi aqpantur Zq. .3 BCq. &
€ B ani &G 14 & 120130 29, 3 AGq.&
“ A Qq'..d'id_c‘igéd&ﬁb &a'equabtun;ua;Bé)_ ,E &

; adedque &iplcrrculi- QuE, B




LIBER XV

PROPOSITIO L

Efcribere in dato Cabo ( AR’

DCGKEF) Pyramidim ,
i Ab an,ulo( ducdranic=

Ctres €A, CH, LD, eafgns
cofinelle diametris AL SFD,
FA; dicot-Gum ;: Quipié

Ex omnes fibi aquamur, 47-1. urporé xqias
, llumquadratorudxa.wtrl crgo 3pla CAD,
¢t CDF,CFA,FAD fibi zquicur utpore xquis,
| latera ; ergs> ADFCeft pyramis, que Cubi
: anbuhs ofiftic. ?:‘ L .

PROPOSITIO II

N data Pyramide (A4 BC 0) Oﬂacdrum'
defcribere .

Bifecentur latera pyra'mdls in nunc“ isE,
G,K,HK,1; qua conn.&antur dao e m
rectis ; dico factum: Siquidem; 4.1, -
nes ﬁbl mMutu *YUanILr .5 ag pro nd* odL.?
3gla EHk,EFH &c.funtzquilatera. & zqu - -

i lia; aduoque, 27.& 3. defs 11, co: Hituant
6&aedrum indaca pyramide deicrip: uw .

Q_E.F.
PROPOSIT!O LI

N dato Cubo (LOKQOCDEA) Oftses
: drum defcribere |

Ccenne-
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Conne&lantur quadratosum centrs duo-
decim linets rectis ; quz praindé, 4. 1. 2qua~:
buntur fibi mutud ; adeoqué ofto 3gla efii--
ciunt zquilatera , & zqualia ; ac proinde¢,
2t. & 27.d¢f. 11. 1nfcriptum eft cybo otac-
drum. Q.E.F

PROPOSITIO V.

IN dato Offaedro (AZ) Cubum infcria '

bere . .
Coniungantur centra triangulotum dao-.

decim reis ; qua, 4. 1. 2qualesfunt, & 2.6. . -

fibi1 refpectiveé parallelz ( {i ncmpé triangu~
lorum centrainventantur duis ex ipforumy -
angulis lincisad bafts perpendicularibus 5
Nam tunc hz perpendiculares inez feca- "
buniur proportionaluer i lincis cenira con-
nc&ennbus ) 5 ergo refulrabunt fex quadras
ta fibi finalia, & equalia ; quz proindé, 31e-
def.11. 10 otaedio cubum conftuucnt «

QE.F. |
PROPOSITIO V.

IN dato Icufaedro Dodecaedram infcri=
bure, : :

- Conne&antur 20 triangulorl centra toti- -
dem relis; que pioinde, 4.1, zquabuntpr
11bi nwtuo ; prundequé 12 pentagona cons
flituent ik aquilagera , & 2zquiangula ,ac
proin’é irferiptum erit Jcofaedre Dodicac-
dium, Q.E.F. o
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IO P 1YY eﬂﬁ}&ﬁ Au}m nu.a
RETPTSL WETNIE ) San WO D IO n L\ B ag
{ . Y% ) L aunh

/ R0 Qo
KT O 11200 Oﬂq

'- pR.OI? oI Dl‘co fibi g\cﬁwf& WIAX’E

‘PROP.z Lico fibi aquari, 18. s, 13N

pl: BBz £1a00 wmsgrmm

PRQ}Pg « Nempé; i RqueniiiPAC AEY'”

wquabantury1Bex =R RS kb2 P BECE it
8 ADpl.GF oot REUAREBTY ’

PROP:y. Dietnfibsi mepitinG ¥k 41 Af
(fe EB3 &ACq > ploC.Beg gt smcm v

- fireGC; phDHy pl wBlermig g313.90b1 4 d

zquicd kB iz oging \zudmnx) 1]
PRQP&'Mﬁbmqwhn@& (2 ART.T) %
FC. Nam343.1. B¢ Brasigy ﬁaatur
ipfi GG, fivé, 36.1.ipfiLE. Quodifiigdy
ascommune PC , = abuntur,z ax.1,
FC, & OEpl. OL I 4 [QLEL D .

PROP.6. Dicofibi:zquari EB,&H é‘.
G Natiopou: AqAOIHE ;I
ﬁve,g6 1.ipfi LC: Quod fi utrique addds
t(i’B. pl.GL 30 aqmbunnuLEB. &HG, pld .

1 '1 ’ b

PROP,. Dicorilii #q0ars kD, pLECode
2. FD, plHG; New figt EB.. zqualeiphi
FC;E@M l»& «r- 1. fibi zqmabusin; ¢

O, erm&ﬁ; e E’ﬁfl o

» £ QED.
d “FROP. -
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PROP. 80 cho,ﬁblzqutrl BD :&4 BN
I.HS: Nam, 42.& 36. 3. {ilj zquant
im,xc,n,ap, oti & ibi PD, KN, Gk,
ER;¢ sl HS nab- isMB, pl. |
lc,pl i_g , pl.Gk, ‘
S[boceﬁ totl D. Q.E.D. |
Pl{OP e xco,‘ﬁbx zquari ABq.pl.BDq.
&3 ACq. pl.2aBCq. Fut CM ndt-
cularis, & @qualis xpﬁ clatur |
fchema 3 ergo,s, & dabuntur ane
guh CDM:CMD MA:& wnofs |
quifg;illorum erit femxte&w « Id, quo-
niam,Confir, angulusin 1. ef sectus,&, in:
M femireus; erit etiany. LlM,ﬁm;re&us;
‘¢Igo I:buquabucu;,q, ‘aLl, & LM;Erg
rz q. pl.a BCq. (ut pmu,

A q P" Cqupl II.q ol LMg-
Equ.hac
j DMq Pl Mlq.(n.l)

BD el 1;1) (6.,
‘l P 9. (Ol

QED.
PROP. 0. b.co, ﬁbl aﬁau AEq. pl.CEq.
& 2 ADq. pl.2 DEq. Nam fadka conftru~
&wne, ufquc dutnconeurrant n B hncz
protuactz 5
[ AEg. Pl.QEq. I6. l}
 dhn e

47: |

Aiqu. hza‘ ANq. pi-NBy. ‘47.1:)
1 ADq: pt(»Dng Fq. pl;FBq

& (34:1,),
}!:c ADq Fﬂﬁe fﬁq ‘QED::

Lt




