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~© _ARMIGERIS.

o Ntculquc veftrum (Op-
BB timi Adole(centes) tan.
\\&)¢ tum me deberc Ieputo;
> quantum b omo Qmmi
debere pateft. Mea enim fenten-
: tia, ‘ultra fincerum amofem non
eft quod qluf'plam de alio bene
mereri




Epifioia Dedscatorsa.

mereripoffit. Hunc autem-jam-
diu eft quo ex fingulari veltra
bonitate mihi indultum experi-
or; ejulque fenius, intimis ani-
mi medullis inhzrens, ipfi ar-
dens ftudium impreflit quovis
honefto modo reciprocos affectus
prodendi. Quandoquidem vero
ea fortunarum mearum tenuitas,
ea veftrarum amplitudo, exiftit,
ut nec ego alia quam gratz ali-
cujus agnitionis fignificatione’ uti
queam, nec vos aliam admittere
velitis; ea propter haud illiben-
ter hanc occafionem arripio, ho-
noris & benevolentiz, quibus
vos profequor, publicum hoc &
durabile ypbower edendi. Etfi
cum oblati anathematis exilita-
tem, & libellum veftris nomini-
bus confecratum , quam is longe

- infra veftrorum ‘meritorum dig-

nitatem fubfidat, atfentius con-
fidero, timor fubinde aliquis &
dubitatio animum inceffant, ne
hoc ftudium erga vos meum vo-

| | bis
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Epiftola Dedicatoria,
bis dchoneftamento fit potius
quam ornamento; {cilicet me-
‘,mor cum fim, ut malz caufz,
fic & mali libri patrocinium in
patroni contumeliam magis quam
in gloriam cedere, Sed quum
veftrarum virtutum id robur,
cam fore foliditatem, recognof-
cerem, quz veftrum decus, meo
quantumvis labefa®ato, incon-
cuflum fuftinere poffint ; idcir-
co non dubitavi vos in :ali-
uatenus COMMuAE mecum
riculum induere. Virtutes illas
intelligo, quibus nemo unquam
in veftra ztate aut in veftro or-
'dine, faltem me judice, majores
deprehendit; quz vos infigniter
ratos omnibus & amabiles red-
gunt; eximiam modeftiam, fo-
: brietatem, benignitatem animi,
| morum comitatem, prudentiam,
* magnanimitatem, fidem, ﬁr;r
© claram infuper ingenii indolem,
quz vos ad omnem ingenuam
{cientiam non“tantum excellenti
D *3 " captu,



E Py} Dll Dfdi‘m’i’ .

captuy fed & appetitu forti be fin.
cero, inftrixit, Quas veftras pre-
clariffimas dotes prout nemo eft
fortaflis qui me melius novit; aut
pro confuetudine, quam jamdu-
dum vobifcum dulciffimam colu-
iffe ¢x veftro favore mihi contigit,
penitus introfpexit, ita nemo eft
qui impenfius miratur & fufpicity
aut qui ipfas libentius predicare ac
celébrare vellet, fi non camlo-
quii mei vires fupergrederentur,
tum etiam qua in fingulis vobis
eliicent, prolixi alicujus cominen-
Larii aut panegyrice orationis it
bertatem, potius quam prxftitu-
tas hujufmodi ‘falutationibus. an-
guﬂ’ias,z expofterent. . Quin pé-
1us divinam clemefitiam 1mplo-
19, . ut vos earundem virtutum
fantto tramiti infiftere, atque ho
egregios frutus verng veltre eva-
asfelicibus incrementis ‘maturef-
gere concedat 5 vitamque vobis in
hoc feculo ingemuarh, innocen-
verd; jucundam, <8¢ in futurobea-
e o , tam




Epiftola Dedicatoria.
tam ac fempiternam tranfigere
largiatur, Minime autem dubito,
ne proconfueto veftroin mecan-
dore hoc ultimum fortaffis quod
vobis praftare potero, benevo-
lentiz erga vos & oblervantiz
tefimonium , alacriter accepturi

fitis ; quod vobis propenfiffimo
aﬁe&u%ﬁ‘ert be

Veftri in aternum amantiffimms,

& obfervantiffimss,

1 B

* 4 . Bene-
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380 squidin hac clementorum edisi-
o2 one praftitum fit [cire defideras,
[ amice Lelor , accipe, pro gewio
I J operis breviser. Ad duospraci-
pwefinesconatus meos direxi. Primum,ut
cum reguifita pevfpicuitate (ummam de-
monfirationum bycvitatem conjungerem,
gquo cam libello molems compararem, que
commode ablque moleflia circumferrs pof-
Jer. Idquod affecwtus videor, fi abfentems
Typographi curanon fruftresur.Concinni~
#s enim quipiam meliors ingenio ant ma—
jors peritia excellens,at nemo forfan brevi-
" #s plerafqme propofitiones demonfiraverits
prefertim cum sn numero €& ordine /ropa—‘
[tionsm ipfe nihil imsmutarim,nec licenti-
am msihi alfump|ers m quamcwunque propofi-
tionems Enclideam procul ablegandi tan-
quavs mins neceffariam aut quafdam fa-
ciliores in axiomatum cenfum veferends ;
guod nomnulli fecerunt:inter quos peritiffi-
mus Geometra Andr.Tacquetns(qnem i~
deo ctiam nomine, quod qhedam ex eo de-.
[umptaagnofeere honeftia duco, )poft chjus
’glegantiﬂ% mam editionem, spfe nshil atten--
T . : tare
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Ad LecCtorem,
tarevoluiffem, fi wonvifumfuiffer dottif—
fimo viro won nifi ofte Euclidis Librosfui
curd adornatos pablica communicare,
relignis feprem, tanquam ad clementa

Geometrie minus [peltantibus, omnino.

guafi [pretis atque pofthabitis,  Mihi as-
tem jam ab initio alia provincia de-
mandata fuit, non elementa Geometria
Nrcn ltepmnféitrio confcribends, vernms

Euclidem :pfuns, esmque totum, quams .

polfem breviffime, demonflirandi. Quod

enim quatsor libros a]}k&a‘;, Jeptiraum o
cc.

ollavam , nonwm , dccimum ;. quamvis

- #lli adGeometrie plana & [olide clemen-

t4, wt fex precedentes & duv [ubfeguen—

tes, nomzam propepertincant ; qhod ta-
men ad res Geometricas admodum stiles
fint, tam propter Arithmetice & Geo-

metrie vald: propinguam. cognationcos,
_quams ob motitsam commen[wrabilism &
sncommenfur abilinm magnitndivum adfi-

gurarsm tam planarum guam folidarum
sntelellnm -4'£prime neceflariam o nemo

ibws Geomsetris qui ignorat,

eff ¢ peritiors
Oue verg in tribus nltimis, Librss con-.

timetsr , § corporsm regulavium nebi-

lis comtérplatio, slla non_nifi injwria’

pretermitei potsit 5 quands ‘nempe il-

lins .ig_miia' nofter soxpdme, Platonice -
s pbil,bjt'?]ibm, boc elementorumfy- -
("

fami
frema umive

m condidiffe perbibetur;
: Hts

t

|
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Ad Leéorem.

s raﬂi& eff *Proclus, ik virbis, ‘v *#lib.3,

NG £ 0vp i s TEAGF -
-y R s
ow. Praterea facile in ahimwm indwxi nt
apinarer, nemini. barwm [cientiarum a-
meanti non futursm effe cordi pewes fe ha-
bere imegrams Euclideum opss, qwale
palfim dg omnibus citatwr & celebratay.
Luare nullum librum vullamaue propofs-
tiomem megligere volus eurum qua apud
P. Herigonium habentar; cajus vefti-
giis preffe infiftere neceffe babmwi, guoni-
am ejufce libri [chematifmis maxima ex
parse sti fatutum erat, Zuod previde-
vems mibs ad novas defcribendas te.
won [uppetere s etfi nomusnguam idfacers
Puo;ffﬂ'em. Eﬁdm dc”Z:dfa »e{di-u
plequﬂe_gm Euclideas demonflrasi- *
omes adhibere vilni, fméfnftiori forma
exprefas, ifi forte in 2, G 13, & pavce
i:’;z,ﬁs,gfléérk; ubi ab ¢o wmil
deflellere opere prévinm videbatuy. Bowa
igitur [pes eff [altens in bac parcé cums no-
ﬁn’s confiliis 5  tum fudioforsm votis,
aligno  modo [atisfaltum iri. Nam
que adjeita [unt in Scholiis problemata
uadam O theoremata o . five ob [uum
}reqmm sfums ad narmram clemen-
tarem aveedensia o five ad  eorwm

ratienom conBucensia, fesw qud regula-
. C rHm

;mg  Jequuntur  capeditams  demon-



Ad Leltorem.

vam prattice Geometrie quarsndam pra~
CipuArsm rationes sunuunt &d [uos fontes
velatas,per ea,nt [pevo fibellus witra defti-
natam molem magnopere non intumefcet.

Alser [copus ad quems collinearwm eft ¢o-
yum defidzriis confulnit giss demonfiratio
nibus [ymbolicis potius quam verbalibus.
delellantwr.In quo gencre cum Izlm'q'ne a-
p#d nos Guilielmi Oughtredi fymbolis.
affucti fintjea plerumque ufu’r}ura conful-
tins du:ximus. Nam qui Euchidem bac vs-
Atradere & interpretari aggreffus fit,ha-

étennsigmod ego [ciam,prater wnum P He--

rigonium,repertus éff nemo.  Cujusviri
longe doékiffimi methodus,[ance in mulsis e-
gregiay ac ejus peculiari pr?oﬁto admodi
accam‘odata,duplici tamsen defelin labora-

ve mibs vifa eft, Primo,quod cum Propofi-.

vionk ad unius alicuins theorematis aut
problematis probationt adduitaris pofteri-
or apriors non femper dependeat 5 quando
tamen illa inter fe cobarent, quando non,
nec ex: ordine fingularii,nec wllo aliomodo,-
[atis prompse innotefcere porefinnde obde-
[feétis conjanétionis & adjestivorii ( ergo,
rurfus, &c.) wonraro difficultas & dubi-
tandioccafio, praferti minus excrcitatis,
snter legendi oboriri folent Deinde [epenn-
mero evenit, ut praditta methodus ]ﬁperw
vacancas repetitiones effugere nequcat, @

quibt_u _dem,anjlmtiones eft guando proli- .

xe,




Ad Leltorem.
xe,aliquando & magis intricate,coadunt.
LQuibus vitiisnofter modus facile per ver-
borum fignorumqsarbitrariam mxturam
medetwr. Atque bac de opelle hujus intents-
one & methodo diltafufficiant, Caterum
gue in lawdem Mathefeos in genere, ant
Geomerrie ipfins;que de biftoria harsm
[cientiarum;ideogue deEuclide horums ele-
mentoynum digeftore dici poffent & reliqua
bujufmodi iéﬂu@, c#i hac placent,apud
alios interpreses confulere poteft. Ne-
que nos angmftias temporis quod huic opers
smipends poruit,nec interpellationes negoti-
orum,nec adjumentornm ad hac ffudia a-
prdnos egeftarem,& quedam aliaut lice-
vet non smmsevito, in excufationem obten=
demussmetn [cilicet induiti, ne hac nofira
omnibus minus [atssfaciant Vernm que in-
gensi Lelkoris ufibus claboravimus, ea~
dem in [olidums ipfins cenfure ac jndicio
(ubmistimns ; probandafi wtilia fibi com.
pererit; fin omnino fecus; rejicienda.

. . LB



Ad amicifimum Virum, £. 3. de
EUCLIDE contrale . .
. Edowuspsss .

A8um bene | didicit Laconice loqul
Senex profundus, & aphqrifmas i:%iait.'
1mmenfa Iudum margo commentarif - B
Diagramma circuit minytum @ utque Infuls -
Problema breve natabay in vafto mari, :
§ed unda jam derumuit, & glofia ar@ior
Stringit Theoremata : minoris anguli
Lateribus ecce rorus Euclides jacer,
* Inclufus olim velur Homerus innuce
Piuteoque farcing modo qut incubuie, levis
En fit manipulus. Pelle in exigng latet
Ingens Mathefis, matris utin utero Hercules,
In glande quercus, vel liliaca Eurpsin pila.
ec mole dum decrefcix, ufu fit minor ; -
Quin aultior jam evadit, & cumuladus -
go‘om&a prodeft erudica pagi - .
is ubmmafmhquorc prefloefuley -
Sie pleniori vafa inundac fapguinds .
Torrente cordis Syftole § ficfufius -
Procurrit 2quar ex Abylz angoltile! ,
Tanrilli aperis ees tanga refesenda wniceeft * -
BAROVIANOaomiol, ac folerti.
Sublimis euge mentisingenium potens?
Cui invium nil, arduuin efle nil foler,
Sic ufque pexgas profpero conamine,
Radiulque saultum debeat acabacustibi;
Sic crefcat indies feracior feges, .
$imili colonum germine affiduo beans,
Specimen futura meffis hic fiet Jabor,
Magnzque fame illuftria bac praludia.
Juvenis dedit qui tanta, quid dabit fenex 2

Car. Robotham, CANT 4B, .
Coll, Trin, Sen, See.




In novam Elementorsm
EUCLIDIS

Editionema D, 7s. BARRO W,
i Collegti SS. TRIN, Secio,
viro opt. & eruditiffimo,
 adorpatam,

: BEm’gne Lettor! i ufpia anditi eft tibi,
LQuantns tenella Nix Geometres fiet 5

One mille radiis, mille ludis angulis,
Totumgne lpm dwcit Enclidens fins :
Amabis wltro candidiffimum Virnm,
Cwus.plena nivium eft indoles fed quas tamé
Praglarws ardor mentisurget Enthea;
Es ufque blandistemperat caloribus :

. Qua[navins nil viwit, & weelins wibsl.
s, dum Ligmentes pelhore excatis mives,

- Etinde & iud:[[urgit, en aliam tibi,

- LaGar benigwe; ¢ wvibus Geomuriam!

G.C. A M, C.E, S.



Notarum Explitd;fo. |

— zqualitatem, . . !

= majoriratem.

=3 minoritatem, N

—+ plus, vel addendum effe.

»— rainus, vel fubtrabendum effe.

o differentiam vel exceflum; jrem quad-
titates omaes,qu fequuntur,fubtra-
hendas efle, fignis non mueatis.

x muldplicationem, vel du&um lateris re-
Qanguliinaliud latus, =

Idem denotar conjunflio literarum, ut
AB—A xB. o »

o Latus, vel radicem quadrati, vel cubl, {:

fic.
Q. &qquadratum, C.& ¢ cubum,
Q, Q, rationem quadrati numerd ad qua-

: dratim nomérum, co

“relinguimmus,

; L1IB

Reliqﬂdc:zlla wbicungue occwrriint Woca-

bulorum abbreviationes ipfe Lettor perfe
facile intelligetsexceptss iss quas vanguam
minus generalss ufus. [wis locss explicandas

: ]
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(1)
LIB I
Defisitiones.

Un&um eft cujus pars nulla eft.
N LI. Lineavero longitudo latis
udinis expers, )
ILI. Linca autem terinini funt
gt punQa, i
. IV, Re&alinea eft, quzex 2quo fuainter~
jacet pun@a, , » .
V. Superficieseft, quz longitudinem, latls
tudinemque tantum habet.
V1. Supesficiei autem edtrema funt linez,
VIL Planafupesficies eft, quz exequo fuas
interjacet lineas, :
_VILL. Planus vero angulus eft,duarum linca~

< yum in plano fe mutuo tangentiom,& non in di-

re&um jacentium alterius ad alteram inclinatio,
_1X. Cum autem quz angulum continenr,
linca, re&a fuerine, reQilineds tlle angulus ap-
pellawur, . ’
c X, Cum vero re~
&a linea C G fuper
re@am lineam A B
confiftens , eos qui
funt deinceps angu-

A. Blos CGA, CGB

— zquales inter fe fece-
A G rit, reQus eft uterque
zqualium angulorum, & qua infiltit re&a linea
C G, perpeadicularis vocaturejus ( AB ) cui
infiftic, . ‘
Not, Gum plures anguli ad anum punéfum : (us
ad G) exfiftuns, defignasur quilibes angulms tribus
liverds, quarum media ad versicem efy illins de quo
agitur : ut angulm quem yelle C G, AG cfficiuns
ad parses A, vocaur G (zﬁ, wlAGC.

Obiug



EUCLIDIS El:mentorum

Xi. Obtufus an
E A gulus eit, qui re&o
H major eft, ut ACB,
3 XL Acutus vero,
H qui minor eft reo,
. z uACD,
B H v Xill, Terminus
——— —eft,quod alicujus ¢x-

tremum ft,

X1V, Figura cft, quz fub aliquo, vel aliqui-
bus terminis comprehendirur,

XV, Circuluseit figuraplana, fubunalinea .
comprehenfa, quz peripheria app:liawr, ad
quam ab uno punQto corum, quz intra figuram
func pofita, ¢adentes omnes re&z linez i.tex (e

© funt 2quales,

B " XVI, Hoc vero
pn&om centrim cir~
culi appellacur.

XVII, Diameter
autem circult eft reQta
quzdam linea per cen-
tium dufta, X ex ul.
y traque parte in circuli
periphcrian]? terminata, quz circulwm bifari-
am fecat, o

XVIIL Semicirculus vero eft figura, qua

. eontinetur fub diametro, & fubea Jitea, quze de

¢irculi peripheria aufertur. R
In circulo EABCD. E ¢ff cemtrum, A C dia-
mescr, A B C femicircnlms. _
XIX, Re&iincz figure funt, que fub rediis
lineis continentur,
XX, Trilaterz quidem, quz fub wribts,
XXI. Quadrilatzrz vero, quz fub quatuor.
XXII, Mulilatera autem, qua fub pluri-
us, quam quatwor re&is lincis comprebendun.,

sur,
' XXUL,




L;éar I

XXIII Trilatera:
rum autem figucarum,
aquilaterum  eft tri-
angulum , quod tria
latera haber: zqnha,
uttriangulum A,

;- XX(V.lfofcel'es . -
tem, quod duo tantum.

xqualia habet latera,
ut triangulum B,

' XXV, - Scalenum

vero, quod tria inz-,
qualia "habet lagera,
uC,

s XXVI. Adbaé ets
fam trilaterarumfigu<
Jarum rc&angulum;
quidem . triangulum
elt; g nod reGum ane
. gufam babet, 1 triani
gulum A,

MW[I Ambl}gomum Qutem, quod obtud
fum angulum haber, up

“ XXVIL



EUCLIDIS Blementoram

XXVIIL. Onxygoni-
um vero, quod tresha-
bet acutos angulos, ut

Figura &quiangula
elt, cujus omnes-anguli
inter fe ®quales funt.
Duz vero figure 2zqui-

- angulz funt; fi finguli
- anguli unius Gngulis angulis alterius fint 2zqua-
les. Similiter de figuris 2quilateris concipe.

B € xxix. Quadla-

terarum autem figu-
rarum , quadratum
quidem eft, quod &’
' zquilaterum , & re-
* Gangulum eft; it AB

A L. "‘.‘C‘D'

XXX, Altera
vero-parte longior
figura eft, qua re-
&angula quidem,at
2quilarera nou eft,
A —— | wABCD,

XXxXI. Rhombus
Autem,qua rquifate-
ra,fed reCtangula non
e, u A,

XXXII,
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A,

B
fint plang,

ducantur, in neutram fibi mutuo incidung, ut
3

\ L;‘ber . & -

" XXXII. Rhom-
boydes vero, quaz ad- -
verfa & latera, &an-’
gulcs babens. inter fe
a quales,neque xqui-
latera eft,neqsretan’

- gulajue GLMH,

“XXXIIL,  Prater
bas autem reliqua
quadrilaterz figurz

* arapezia appellentur;
~wGNDH., .

XXX1V. Paralle-

& B.
H

H,

D

& ex utraque p

M

"l reftz linex funt,

quz cum in eodem
arte in jufinitum pro-

XXXV. Parallé:
Jogrammum eft figu.
ra quadrilatera, cujos

bina oppofita latera
- funt parallela , ‘feu

L =zquidiftantia, wt G
“ LHM <o

EB  XXXVI Cum ve-

[N\

ro in parallelogram-
mo AB CDdiame-
ter A C du&a fuerit,
duzque linex EF,

~ H 1, lateribus paral-
l, lelx fecantes diame-

F ¢

“ ‘trum in bno godemq;

pur&o G, ita ut parallelogrammum ab, hifce

A3 pa=
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EUCLIDIS _.Elmmt'amm
parailelis in quatuor diftribuarur paraliclogram=
ma 3 appellantur duoilla D G, G B, per quz
diameter non tranfic, Complement2 5 duo vero

reliqua HB, FI, per qua diameter: incedit,

circa diamerum cogfiftere dicuntur,
" Problema eft, cum proponitur aliguid efficiens
. dum. . : A
Theorema cit, cumproponitur
firandum, . G ¥
Corollartum eft confearium, quod 2 faits des
. monfSrasione sanquam lucrum aliguod coRligi-
e
-Leoma e} demonftrasio pramiffe alisujm, ut
; demonfiretio quafiti evadas brevior.

s

aliquid demon:

PN

“' Poﬂum;t. .

1. T) Oftuletur, ut i quovis pun@oad quod<
» AC vispunftum re@am lincam-ducere cons
cedacur, o . =

2, Brre@am lineam terminatam in conti- .
nuum re&a producere,

3. Item,quovis centro 8 intervallo gircpluiq
defcribere, i -

¢ Axio_huu.‘ :

3. £\ Uz eidem zqualia, & interfefunt 2.
qualia. , . . o

ue A= B=C, ergo A—C vel ergo
omnes A, B, C, zquantur inger fe,

Nota, Cum pluyes quantisates boc medo conjun-
15 invenias concipt vi bujma axiomais primang ul
sime ¢° quamlibes carum cuilibes aquari. Quo in
¢afu [epe,brevitasis caufa, abboc axtomase citande
abftinemme 5 etfi vik confecutionis &b eo pendeas.

2. Bufi zqualibus zqualia adjeda funt, rota
lunt mquatia, "7 7T T

O 18
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Liver I,

3. Bt fiab zqualibus 2qualla ablaza fint,
qua relinquuntur funt 2qualia.

4. Bt {1 inzqualibus 2qualia adjc&a fine;
tota {unt inzqualia. _

5. Et ffab inzqualibus zqualia ablata finz,
reliqua funt inxequalia,

6. Erquz ejuldem vel 2qualium fuar dupli-
<is, inter fe funt zqualia, Idem pua de wipli=
cibus, quadruplicibus, &c,

7. Et quz ejuldem, vel zqualium funt dimi-
‘dia, inter fe funt #qualia, 1dem concipe d¢ fubg

. ariplis, (ubquadruplis, &c.

8. Et quz fibi mutuo congruunt, eainter fe
funt zqualia, ' A
" Hoc axioma in reti lineis, 2° angulis vales con-
werfum, fed now in figuris, nifi ille fimiles fuerins,

Caterum,maguinudines congruere dicunsur,qua-
yum parscs applicase parsibus,equalem vel cundem
logcum occupans. .

9. Ettotum fud parte majus eft,

10, Duz re@tx lince non habent urum &
jdem fegmentem commune.

11. Duzre&2 in uno pun&o concurrentes,
fi producantur ambz, necefi¥®rio fe mutuoinco
pun&o interfecabunt.,

12, Teem omnes angulire@i funtinter % -
quales,

13, Bt fi in duasre&as lincas AD, CB, in
codem plano jacentes altera re@a B A incidens,
T S P inters
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EUCLIDIS Elementorum

internos ad eafdemque partes angulos 8 AD,
A B C duobus reQis minores faciar, duz iilz
re8z linez in infivitum produ@a fibi muwo
Incident ad eas partes, ubi funt anguli duobus
re&lis minores. :

14. Duz e&z linex fpatium non compre-
hendunt, ' :

1§. Sixqualibus inzqualia adjicianwr; erit
totorum exceffusadjun&orum exceflui zqualis.

16, Siinzqualibus zqualia adjungantur,erit

totofum exceflurgxceflui eorum, quz 3 princic

plo, 2qualis.

17. Si ab zqualibus inzqualia demantur ;
‘erit refiduorum exceffus, exceffui ablatorum
zqualis,

" 18, $i abinzqualibus xqualia demantur,erit
refiduorum exéeflus exceflui tororum zqualis,

19. Omne totum zquale eft omnibus fuis
partibus imul fumptis.

20, Sitotum totius eft duplum, & ablatum
ablail,erit & reliquum reliqui duplum, Idem de
reliquis multiplicibus intellige. _

Citationes intellige fic, Cum duo wumeri occur-
yunt, prior defignas propofisionem.pofierior librum.
Ut per 4, 1. intelligitur quarea propofitio primi
libri, arque ita de reliquis. Ceterum ax. axioma,
pofl. poftulatum, def. definitionem, [ch, (cbebium,
cor, orollarium demotans, (5%,

LIB.




Liver 1. B 9

"LIB. I
‘PROP. L
C Super dataredla li-

measerminata A B
\ triangulum aquilase~
rum A B C conflituc
re. .
' C:ntris A & B, cos
dem intervallo A B,

. velB A adelcribedu- , 3. poft.
os circulos fe interfecantes in pun@o C, exquo ™ °°
bducre&asCA, CB, EritAC ¢—ABc—=y, *
BCd—ACe Q%are tiangulum ACB cit "ﬁi
zquilaterum. Quod Erat Faciendum. dr. ax- °

e33.4¢f,

' Scholium.
Eodem modo fuper A B defctibetur triangu-
Jum Ifofceles, fi intervalla zqualiym cireulorum
majora fumantur, vel minora,quam A'B, '

PROP. IL

Ad datum punum A dase reffe linca BC
wqualem reftam lineam A G ponere. a3 poff.

Centro C, intervallo C B s defcribe circulum b L. poff,
CBE, b]Junge A C, fuperqua ¢facriangu- ct. I.

~ lum xquilaterum A D € 4 produc DCadE. d2pof,

- €QNa
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e 2 poff.
f15. dcf
conftr.
3 ax.
ks, def.
11, 4x

a1,

EUCLIDIS Elementoram

centro D, fpatio DE, & deferibe circulum DEH®
cujus circumferentiz occurrat D A eprotraa
ad G.Efit AG—CB,

NamDGf—-—DE & D A ¢— DC.quare-
AGb——-CEk-—B&,t-— é QB.F

Pofitio pun&i A, intra vel extra datam BC,
cafus variat, fed ubxque fimilis ¢t conitruio,
& demonﬂ:atio.

*

Scbolium.

Poterat A G circino fudmi Jfed boc facere nulll
poﬂulatore!pondct ut bent mnult I‘rochl&

PROP III

: Y Duabm datk velk
lmck A ¢’BC,de ma.
D jore BC minori A -

‘ qualem refam lincam

8 B detrabere,

/. AdpunGum B po-
nereGam BD—AJ
‘Circutus centro Byfpa.
tio B D defcriptus au-

b1$. def. feret BE b:éD,ﬁ—Ad-BE, Q EF,

< conflr..
d,ax,

B

PROP. IV. .
A D

E ‘ F
Siduo :rmguu BAC,EDF 4uo lasesa B A,
C dusbus Lateribm B D D F aqualia babeans,
utrique (hoc.eft BA——-E D, AC=

bmn wre angulmn A, ugulo D equa<
m)




Liber I X

lem, ];’ub aqualibm recth linck contentam ¢ bafim  *
BCbI

E F aquatem babebunt ; erisque sriangu-
tum B[Ii\C :riqugulo EDFE qu:‘t‘cq, ac rt,l'ig;:i

- anguli B, Creliquis angulis B, F equales eruns,

-uerque urique, [ub quibus aqualia laera fubtei
dumur, - -

- si-pun@um D punflo A applicetur, &reQa

D g re@xz A B fuperponatur, cader pun&um B
inB,quiaDE4=—AB, Irem re&la D Fcadet 5 jyp,
inAC, quiaang. Ag—D. Quinetiam pun-

&um F pundo C coincider, quia A Ca— DFE,

Ergo re&z E F, BC, cum eof@®m habeant rer-
minos, b congruent, & proinde zquales funt, b4 %]
Quaretriangula BAC,EDF; & anguliBE 5
fremque anguli C, Fedam congruunt, & 24
quantur. Quod erat Demonftrandum,

PROP. V.

Ifofcelium triangulorum ABC
A qui ad bafim [um?uguli ABc,
A C B inser fe funs aguales. Es
.\ produdh aqualibma redtis linclh
_N¢ " AB, AC guifub bafe funs en3
guli CBD, BCE smrer [ a-
"> qudles erums,
4 Accipe AF—=A D, & b jun-
€\ g¢C D,acBE. b1 pof.
-\ Quoniam intriangnls ACD, ¢ Byp.
ABF funt AB¢— AC & AFd— AD,angu. § conftr
lufque A communis, eericang, ABF — ACD; ¢ 4,1,
&aog. AFBe-ADE,&bas. BFe—=DC;
item FC f — DB, ergoin triangulis BFC, ¢ 3 2%
BD Cgeritang. FCB,—DBC. Q.B.D. lrem g 4, 1,
ideoang. F BC—DCB. atquiang. ABEh— 1 pr.
ACD,ergoang. ABCk—ACB, QE.D, k3.ox,
) Corellarium,
Hinc, Omne lrriangulqm zquilaterum <R
uoque equianguiu
Aueaue el PROK;

a3 1]

5,4\_:.,): o AR AY Y

T al
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a3 L
- b peft.
< fuppof.
dbyp.
eq 1,
f9ox

EUCLIDIS Elementoram

PROP VL. .
A Siziangulk AR C duo an-
wWiAB ., ACBaegualesin-
D ter fe fucrins, € {ub aqualibus
angulis fubtenfa laters Ag,
\ - A C equalid inver fe erunt.
B c Si fieri poteft, fir utravis
B })r:' C A aFacigitwr B D=C 4, &b duc
L9 5 o
In triangulis DBC, AC B, quia BD ¢—CA,
& lats BC commune elt; atque ang. DB < d—
A C B, cerunt x%mgula DgC,ACB zqualia
inter fe, pars & tdtum, f Quod Ficri Nequit.
Corsil.
Hine, Omne triangulum zquiangulum cft
quoque zquilaterum.
" PROP VIL

E
A RA NgaZ____\p

29.4%.

by. 1,
< (uppof-

Cuper cadem reétalines AB dusbwm cifdemve-

s linek A C, BC, aligduareite lince aquales

A D, BD, utraque utrique (boc eft, A D—AC,
& BD —B C) nn conflituentur ad aliud pun~
flum C, atque alind D, ad esfdem partes C,cof-
demgue terminos A, B cum dusbms initio dulis

relislined habentes,

1. C4f. Sipun&um D flatua:ur in A C a lis
quetnoneffe AD—AC.

2, c4f..SipuaQum D dicatur intra triangu-
Jum A CB duc C D,& produc gD F,acp C K.
gam vis AD—AC, ergoang. ADCh—ACD;
tem quia BD, e—BC,¢1it ang, FDC b—ECDL

ergo




-

’

Liber 1. ‘ 13
ergoang. FDCA—ACD, ideftang. FD Cd9.4x
cADC4dQ.EN.

- 3. Caf. 8in D cadat extra uiangulum ACB
jungawr C D, :
Rurfus, ang. ACD ¢ —ADC,&B De—¢ 5. L.
-BDCfergoang. ACD=—p D Cjid eftang. f 9. ax.
ACD=BCD, QFEN,

PR OP VIL

' §i duo triangule
A D ARC,DE Eba-
buerint duo larers
AB, AC dubu
lateribus DE,D F,
Htrum ue  mrigue
: o aqualia ; habuerins
" vero (@ bafimp C baf EF, aqualem: angulum
A (ub equalibus redtis Lineis consensum angulo, D
agialem babebune. o .
uia B Ca—EF, fibafis B fuperpona. .
tur%a'ﬁ EF,illz b con’gruent. e1goy cpunr AB ;’g!}’;m‘
¢ =D E, & A.C¢ == DF,radet punfum'Ain bI‘P
D, (nam inalivd pun@um cadere nequir, per 1"
< pracedentem) & ergo anguloriim A, & D late. 14. ax
ra cvincindunt, ¢ quare anguli #li pares fuac ;g "

- QE.D.

VCm[l.

1. Hinc triangula fibi mutuo 2quilatera
etiam mutuo x 2quingulafu ¢ - ,
2. Triangula fibi mutuo 2uilatera y 2quen- ¥ 43~
tur inter fe, . T4 L
Yo

" prOD.
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ax]

< conffr,

dsg. "

EUCLIDIS Elementoram
PROP. IX.

A : Patum angulum reffilic
A neum B A C bifsriam fe.
care, . ;
-4 Sume AD—AE;
duc D E, Yuper qua b fac
triang . xquilat, DFE, -
‘ Du&a A F angulum

-\ B A C:bifecabit. . 5
YF. ¢\ Nam AD¢—AE&
latus AF commpne eft, & bafl. PF¢—=FE,
dergoang, DAF—=EAF. QBE.F.

Corell,

. Hine patet quomodoangulus fecari poflit in+
zquales partes 4, 8,16, &c. Siogulasnimirum
pantesitetum bifecanda. , .. - : -

Mgthodus vero regula & circino angulos fe= -
qaptg in 2zquales quotcunque ha&enus Geome-
tras lacuie,

PROP, X.

N . . Ry i ‘¢ '

[ of Datam redam lideans

‘ A B bifsriam fecare.
. Superdata AB gfac,
triang, aquilac, ABC.
ejus angolum G b bifeca,
 refta CD.Eademdatam

A A Bbifecabit, .

A D ’ N"!'AC [ et BC»
& lans C D eft commune ; & ang. ACD ¢ —.
BC_: D, detgoAD—=BD, Q.EB F. Praxin.
hojus & precedentis, conflruio primz hujus
fibri fasisindicat,




= o ¥’
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Liber I. 1y

PROP. XL
¥ Dasa reila lines
A B, ¢ punito ines
dato € yedam lincam
CF ad angulos re-
Clos excitare.
. #Accipe hincinde 3 3 ¢
— ) C D—CE. Super
A D C EB DEbhctrianng- br.1.
guilat. DF E. Du&a F C perpendicularis eit,

Nam twiangula D F C,E F C fibi mutuo ¢ 2~ ¢ confir.
quilatera funt. d erfo ang. DCF—=ECF. 48 1.
¢ ergo F C perpendicularis eft, Q E. F. 10, def.

Praxistam huju., quam fequentis expedicur
facillime ope normz.
PROP XII

C Super datam.

" refam  lmeam

infinitam A B, 2

dato punite C

guvd incanoneft

oerpendicugn;:-

- ¢ g reétam C .

A E D ¥ 8 ducere.

.Centro C adeleribe cicculum, quifeceeda- 33 poff,
tam A Bin pun&is E&F b bifeca E Fin G. du- b 10, 1.
&a C G perpendicularis efi.

Ducantur enim CE, CF, TriargulaEGC,
F G C, fibi mutuo ¢ zquilatera funt, dergoan ¢ conflr,
guli EG C, F GC, zquales, & e proindere®id 8. 1,
funt, Q. E.F, ‘ - e 10, def,
PRO®P XIIL
El A Cum vefla linea A B, fuper
reflam lincam C D confsfiens,
R facit anzulos ABC,ABD,4us
' duos refos, aut duobus retia
aguales cficies.

.
.

€
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2 10, def.
bir.x,’
c19 &x,
dj.ax,
€2, 8x,

arg. 1,
b byp.
€9. &x.

a13. 1.
b ax,

. A B, atque 44 cjus punfum B
i dusredalineeC B,B D nonad
—_— R eafdem partcs duile , eos gui

EUCLIDIS Elementoram

Sianguli ABC, A B D pares fint 4 liquet
illos re&os efie ; fininaquales fint, ex B b exci-
tetur perpendicularis B E. Quoniam ang. AB 3
¢—Rett.+ ABE; &ang. ABDdJ — Redl.
—ABE;ctit ABC+ABDe—2Re +
ABE—ABE—2:R¢& QE.D.

Coroll, - s

1, Hinc, fiunusang. A BD re@us fir, aleer
A B C etiam re&us eric; [ hic acutus, ille obtu-
fus erit, & contra.

2. Siplures retz quam una ad idem puns
&um cidem re@= infittant, anguli fient duobus
redis zquales ]

3. DuzreGzinvicem fecantcs efficiunt an-
guios quacuor re&is zquales, .

4. Omnes anguli circauoum pun@um con-

Ririi conficiuut quacuor refos, patet ex Co.

roll, 2. , ;
PROPD XIV. " .
Si ad aliquam reftam lincam

= uné deimceps angulos ABC,
C B o {\ BD duobfu reét aquales fe-
cerine, indireGum erin inter (e ipla reite linea
CB, BD. _ ,

$i negas, faciant C 8,B E unam re&am,ergo
ang. ABC+ABE/—2Re.6—ABC

A BD.c Quod elt abfurdum.

PROP XV,
Sidugreite linea AB,CD
[emutua fecuerine, angulos ad
versicem CEB, AED equalcs
imer fe efficiens. | .
Nam ang. AEC+CEB |
D 2z—2Rc& ¢a—=ABC~

AED, bEgoCEB=AED, QEF. .,

- §chol,
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* Siadaliquam reQam lineam G H, dtqiiead
€jus pun&um, A duz reQz linex E A, AF non

~ ad eafdem partes fumptz, angulosad verticem

D, & B zquales fecerint, ipfe reQz linez E A,

AF in dire§om fibi inyicem erune. .

" Nam2Re® —aD +As—B+Abergoa 13,1l

E A, A Ffuntin dire@um fibl invicem, Q.B.D. b 14. 1. ~
Scbob. 3, - L
" SiquatuorreQtelinez E A,

EB,EC, ED abunopunito

E exeuntes, angulos oppofito$

ad verticem 2quales inter (e

fecerine, erunt queliber due

N linex AE,EB, & CE, EDP

in dire&um politz, L.

Namquiaapg. AEC+~AED~+ CBB—+ .
DEBa—4Rel, erit AEC+AEBD (=24. (.
bCEB+DEB)Y—:Ref.cergoCED, & 13. I.
AE B funtre@z linez, Q.E, D, bHyp.24x.

. PROP XVi. .  clgl
A ¥ Cujufcunque Trisnguli A
, BCuno lmqre B C produtto,
externms angylm ACD sero-
Libet imterno ¢ oppofitoCAB,
C B A, major eft. .

Litera AC,BC ¢bife-2 10.1, ¢
cent re&2 AH, BE, é qui- 1, poff.
G-\ bus produlis b cape E ;_—.: #

BE,b&HI—AH;Coun:b3. 1,
juganturque ¥ C, I C, & producatur A CG.
TR B. Qus;
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€ confly. %oni'amCEG::EA,&EFc_—:EB,&
dig,1, angFECd— BE A,cerit ang,E CF—EAB.
€4 1. Simili argumento ang, I C.H —ABH. eargo
fig.1. rotus A C D(f B€ G) g major eft utrovis CAB,
g9o.sx. &ABC, Q.E.D.
PROP, XVIIL,
’ ’ Cujufcunque  triangull
A . AB Cdl{; lnqguli duob:‘ re-
it [uns minorcs, omnifariam
fumpti,
Producatur Jatus BC.
uoniam ang, ACD -
ais. I, CD&:Bt:z e, & ang,
b16.1, ACDbc A,ceritA+ACBa2Re& Eo-
c4. #x, dem modoerit ang. B+ ACB _32Re&. De.
: nique produlto latere A B, et fimiliter ang.
A B 22Re& QuzE. D, :
v Coroll,

1. Hinc, in omni triangulo, cujus unus an<
gulus fueric re&us, vel obtufus, reliqui acnti
tunt, . .

2, Silineare@a A E cum aliare@a C D ans
gulos inzquales faciat, unum A E D acutum, &
alterum A B C obtufum, linea perpendicularis
AD exquovis ejus pun@o A ad aliam illam
CD demiffa cadet ad partes angali acuti AED.

Nam i A C ad partes anguli obtufi du&a,di-
catur perpendicularis, in uiangulo AF'C erit

x19,1, arg AEC+ACEr2Rect.xQ.F. N.
: 3. Omnes angulitrianguli zquilateri, & duo
anguli trianguli Lfolcelis; lupra bafim,acati funt

PROP. XVIIL

A Omnik trisnguli ABC

majus larws A G majorem

D angulum ABG [ubtendis.

a3 i ' ¢ ExAGaaufer AD —
by 1, Bl A B, &jurige D B. b ergo

ang. A D B=A B D.Sed
o ' . " ¢ADB
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! ¢ADBC:ergo ABD —C. d ergo totus € 16,3,
il ang. ABC G, Eodem modgerie ABCc dg. ax
s A. QED. . -

’ PR O P. XIX.

B ‘ _ Omnis grianguli A BC mas
i jor angulss. A majori laser}
e - . BC {ubsenditur, -

- Nam i dicatur-A B —
) BC,aceritang. A—=C. cou- 2§, 1.
A Ctra Hypoth. & i AB—~BC,
b eritang. C= A, contra hyp. quare potius, b18, 1.
* B C — A B, & eodem modo BC — A C,
5 QE.D.
Y PROP XX :
: Omnis trianguli A B

4 duo latera B A A C reliquo
A B C funt majora quomodo-
* cunque fumpsa,
i - Ex B A produ@a g cape 2 3. 1
B CAD—AC,&ducDC," ’

" b ergoang. D= AG D, ¢cergototusBC Db g 1.
& DdergoBD(eBA+~AC)BC. QED. ¢ g, gx.

i PROP. XXI dig.1,
i A -, Sifupersriasguli ABC unmp ceonfir.¢
. laere B C, ab extremisatibm > 4%

] duzredalimce BD,CD, inte-
it vin conffituse fucrins,be conflia
suta veljquis srianguli duobus la<
wr A teribus B A, C A minotes quidem
o Py fserums , majorem vero angulum
BD C continsbunt.

C Producatur BDinE. eftque CE+EDar 3 20,1,
en CDadde communeBD, b eritBE+BCr b 4, ax.
it BD +DC.RurfusBA -+ AE4—BE;bergg ~ :
BA+ACCBE+EC. quareBA+ ACC
BD+DC. Q.E.D, 3. Ang: BD({:E:]L;Q 16, 13 -

. ang.BDCc A, Q.E. D,
LS i Tyt

w A8\

T

L e e



LGOI MVIS LCIBenIorwrm
PR OP, XXII,
I Cu

1.1,
3. ”ﬂ-

c 15. def.
di, ax.

20,08
b;.'15 -
€2, 1,

48 &

daiis A, B, C zquantur, Q. E.F,

Ex tribmreitiylineis ¥ K, F G, GK, quefim
sribus datis reitic lineks A, B, C, aquales,trian.
gulum F K G conftisuere. Oportes autem duss re-
liqua cfJe majores ommifaviam fumptas ; guoniam
umiufoxjufque trianguli duo latera omnifariam
fumpta reliquo {uns majora. ) .

Etinfinita DE s [ume DF,F G, G H datis
A, B, C ordine aquales, Tum fi b cennisF, &
G, intervallisF D, & G Hducantur circuli fe
interfecantesinK 3 jun@is re@isKF, K G con-
ftituetur triangulum F K G, ¢ cujus latera FK,
FG,GK wibusDF,FG, G H, 4 id efitribus

[y

PROP XXIIIL

y Addatamredim

p, A lincam A B, dasum-

gie in ea punium

A, dato angulo re-

itilineo D aqualent

H angulum redtiline-
L . " -um A conflituere.

4 Duc ream C F fecantem dati anguli late-

-rautcinque, b Fac AG—=CD, Super AG

¢ conflitute triangulum alteri C DF zquilate-
rum, tauwt AH—DF . &GH =GF; &me .
bebis ang. Ad=D, Q,E,F. » .

' ' o PROPD.
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PROP. XXIV:

B

D

E ¥ G E

Si duo triangula ABC, D EF duo latera A B;
A Cduobus lascribus DE, D F aqaslia babucrins,
utrumgque wtrique 5 angulumvero A augulo ED F
majorem (ub equalibas reiti lineis comsensum, ¢&°
bafim B G, bafi E ¥, majorem babebuns, '
 4Fiatang EDG =A&DGb—=DFe=aa3.1,
A C,come&amurque EG,FG. b3. 1.
1. Cef. Si E G caditfupra EF. Quia A B c byp.
d=DE;&AC=¢DG,&ang,A ¢ —EDG, d byp.
feriBC—EG. Quiavere DFe=—=DG, econfir
getitang. DFG—=D G F.hergoang. DFGcf 4. 1. ;
EGF; b&proinde ang. EFG .~ EGF.kquare g 5. 1.

EG(BC)cEF. QE D, ' bo. ax.
2. Caf. Sibafis EF ba EG colncidar, ¢li- k1g. 1,
quetEG(BC)YEF. ' > 1o, ax.

3. Sin E G cadatinfra EF. Quoniam DG .
«+ G Emc—DF =+ FE, fi hinc inde avfetantur m 21. 1,
D G, DF, zquales, manet EG (BC) ac~n§, ax.
EF. QED,. o o :

B3 PROP.
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PROP XXV.

D i duo triangu:
{4«ABC,DEF
duo latera AB,

, ! AG duchws late-

: ribm DE, DF

BL fababucrins,

utrumque wrique, bafimvero B < bafi E'F ma-

Jorem; ¢ angulum A (ub egualibus relths linek

. conzentum Angulo D majorem bunt, :

24 1. Nam f dichdivr ang. A—=D, s eritbafisB C

— EF, contia Hyp. Sindicarur ang. A2 D,

b24.1. b erlt8 C SEF, etiam contra Hyp. argoB C
T cEF, Q.E.D. ’ ’ -

PROPXXVL
A D

8i duo triangula B A C,.E D G, duos angulos
B, C, duchusangnlls B, D GE, pqualcs babue-
rint, utrumque usrique, usumgne lasws uni latéri
equle, five quod aqualibus adjaces angulds, fea |
guod uni aqualism angulorum (ubtendisur : veliqus
lasera religuis lascribm aqualia,utrumque utrigue,
€ reliquum angubumreliquo angulo aquslem bae
bebunt. ’
1. FHyp.SitBC—E G. DicoBA—E D,&
A C=DG&ang. A—E D G.Nam fidicatur
EDBA¢fiatEH—B A,ducaturq; G H,
. T +Quoniam

3.1
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_ Liber 1. 23
uoniam ABb—HE,&BC¢—E G,&bfuppo
a Qi'c —E,eritangBGHd—Ce _,—_DG’B. c ';]p.ﬁ
ft&E.A. ergoAB—=E D. Eodem modo AC d4.1.
=D G. dquare etiamang. A—EDG. ebyp.
2. Hyp.Sit AB=—ED. DicoBC—E G;& f 9. 3.
A €—=D G & ang. A—E D G. Nam fi dicatur
EGrBC,fiat EI =B C&conmne@atwr D I.
QuitABg—BD,&BCh—EL &ang. B g byp.
—B,eritang.BEID k—=Cw—=EGD.» Q,h fuppof.
E. A. ertgoBC—EG, ergoutprius, AC—kg.1.

DG; &ang. A—EDG. Q.E.D. m byp.
P ROP, XXVIL 016, 1.
: 84 in duss veflas lincas
A A B, C D refta incidens
c linea B F alternatim ana

. i D gulos AEF,DFE, a<
guales inter [e feceris, paraliele cruny inter feilie
rede lince AB, CD. . .
"Si AB, CD dicantur non efle paraligley
conveniant produ@z, nempein G. quo pplico
angulus externus A EF interno DFE s major 5 y¢, ¢,
erit,cui tamen ponitur Zqualis. Quae repugnane, '
- . PROP XXVIL
/R~ Siin duss relas linces
B AB, CD reita ingidens
linea EF extermum angu.
D lum A G E interno ¢ op-
Pofiso, ¢ ad eafdem partes
) . CHG aqualem fecerit,
aus internos ¢o° ad eafdempartes AGH, CHG
duobus redlis equales ; parallels erunt imser fe ipfa
redelinee AB, CD. - - ' '
. L Hyp.Quiaper hyp.ang AGE=CHG,
# eritaliern, B G H — C HG. b parallelzigi- 2 15, 1.
wrfunt AB, CD, Q E.D, L " big 1
2. Hyp. Quia ex byp. Ang. AG H+CHG—12a13.x;
ZRC&{E%AG HY-EBC?H,beritCHG: b 3.4x. .
B G H Ergo ¢ AB,CD paraliele func. QE.D. c17.1,
oo . Bs " PROP,
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-~

a:;.fx.'
bry. 1.

c13.4x,
d1s 1,

awn
b 3. ax,

a1,

E 'U C'LI:D\ 1S Elementorum

PR O P. XAIX. -

I parallelss relles liges
B« AB, CD, refts inci-
denslinea EF, ¢ alter-
D natim angulos D H G,
" AGH gequales inter R'&-
Jcits ¢ externim BGE
interno, ¢y’ oppofiso,¢o ad eafdem parees D HE a2
gualem; ¢ internos (o° #dcafdem partes A G H,
C HG daobus retis aquales facis. - -
Liquet A GH, + CHG—2Re&. aalias
A B, C D non effent parallel®, contra hyp. Sed
& ang. PHG + CHG b—12 Re&.ergo DHG
¢—AGH4d=BGE. QE.D. . .
' Tt corol. Hine o “
3 o inc omne
B S c Parallelogram
mum A € has
bens unum 4n-
gulum reGum
A ’ DA; cft redane
. T gulum,
NamA +Ba—=12Re&.ergocum A reQus
fit, b etiam B reQus erit, Eodem argumento D,
&Cre&ftifunt. - B
PROP. XXX B
- . Que(AB CD)videm
—B reé'?% linee E F piralle-
__Hf F la, @ inter fe fums pa-
- ralicle. ‘ i
D Tres re@as fecer ue:
‘ ¥ cunque rea G 1. Quo-
uiam A B,E F parallelz funt, s eritang. AG I
—=EH]1, liera propter CD,EF parallelas]

biux. “aeritang BHI= DIG.bergoang AGl—

c3y: 1

DG, ¢ quare AB,CD parillelz funt, Q.E.D}
L . v - I _PR_OPQ




R

B 5% 17 SR 2;

PR OP. XXXL
A A dato punife A dute

- E F reite linna B C ducere
Z . parallclam rellam lincam
AE.
- B C Ex A addatam BC
- duc re®am utcunque A D. ad quam, ejufque

puntum A ¢facang. DAE—AD C.berunta 23. I.

AE,BCpanllele. Q, E.F. baz.1.
TUPR O %Exxxu.
A Cujufcunque trian-

E guli AB C upo latero
. "B C producto externm
anguize & C D duchus
internks, ¢ oppofitis,
B A,B eft aqualis, t3
- € D irianguli tres inserni
anguli A, B, A C B duobus [unt reiti aquales.
" PerC adugCE paral. BA. Apg. Ab—=,,,
ACE.&ang. Bb—ECD.'ergoA+Be=—y 3,
ACE~+ ECDd—=ACD.Q.ED.Porro .,
"ACD +'ACBe==2 Re&. fergo A+ B+ 45 0
ACB—=2Re¢& Q.E.D. A elg:l'.
: ' rollaria. I 4w
e 1, Fresfimul anguli cujufvis triangulizqua- = * """
Jes funt tribus fimul cujulcunque aleerivs. Unde
2."Si in uno triangulo duo anguli (aur fin-
guli,aut fimulyzquales Gint duobus angulis Caue
fingulis, aut fimul)in altero triangulo, ctiam re-
liquus reliquo zqualis eft. Item, {f duo triangula
unum angulum uni 2qualem habeant, reliquo-
fum {ummz aquantar. _

3. Initriangulo fi unus angulus re&us fic, re-’
liqui unum reGum conficiunt, ‘1tem,. angulus,

ui duobus reliquis zquatur, reGuseft. - .

4. C1m in Ifofcele angulus 2quis cruribus.
contentus reQys ¢ft, reliqui ad bafim funt fe-
mire@l,. \ .
PR 5. Trg

‘
v
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gulis externis conficiunt duos reQos,  Ergofo-

EUCLIDIS Elementorums

s. Trianguli xquilaterl angulus facit duas
tertias unjus re@l, sam § 2 Re@. 2= Re, |,

Scbol. :

Hujus propofitionis beneficio, cujuflibet figu-
rz re&ilinez tam internt quany externi anguli
quot re@os conficianr, innotefcet per duo fe-
quentia theoremata, e

THEOREMA 1.

NN

Omnes fimul anguli cujnfcungue figura roctili-
nea conficiuns bisvos rectos dempeds quasusr, quos
Junt lasera figura. - o :

Ex ?ovis pualointra figuram ducantur ad
omaes ligurz angulos reétz, qu « figuram refol-
vent in tot triangula quot haber latera. C%au;
cam fingula triangula confciant duos rectos,
omgpia imul conficient bis tot rectos, quer funt
latera. Sedangulicirea diGum pun@um config
ciunt quatuor reGos  Ergo,fi ab omnjum trian-
gulorum angulis demas angulos circa id punw
&um, angulireliqui qui componunt angulos f..
gurz conhicient bistor re& s demptis quatuor,

quot {unt latera figure, Q.E. D.

Hinc ¢oroll. Omnes ejufdem [pecici reilinez
figurz gqualeshabent angulorum fummas. .
. THEOREMA 2
Omnes fimnl externianguli cujufcunque figure
veililinee conficiunt quatuor reffos. '
- Nam finguli figurae interni angull cum fin.

terni
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tetni fimul omnes, cum omnibus fimul éxternis
conficiunt bis tot reQos,quot funt latera figurzJ
Sed(ut modo oftenfum eft,)interni imul omaes
etiam cum quatuor re&is efficiunt bis tot reQos
quot funt Jatera figure., Ergo externi anguli
quatuor reftis xquantur. Q. E.D.

Coroll. Omues cujufcuaque fpeciei re&ilinez
figurz zquales habent externorum angulorum
fummas, : ’

PR OP. XXXNL

A Rette linee A C,B D qua
agusles (3 paralicles lness

A B, C D, ad pari¢s cafdem

C dem conjungunt, €& ipla &=

wales ac parallcle funt.
1 Conne%catur CB. Quoniamob AB, CD ro 12
parallelas.ang. A B C 4 =BCD,&per byp.AB ; 9 1
——CD, & latus C B commune cft, b erit A C >4 L
—BD,b&ang. ACB=DBC.¢ergoAC, € 37 1.

B D etiam parallelz funt, Q.E. D,

PR O P. XXXIV. .

- Pavalislogrammoruns pa-

Pe ¢ B sioyum ABDC egny }.'[m

inter fe quaex adverfolases

: CZD ra AB,CDjacA C,B_D;

angulique A, D, & ABBD, A CD; e illabifa

ri ismeter C B. : ‘

s {:::;:: KCB" C D sparallela funt, b erit 2 byp:

ang. ABC—BCD, Itemab AC, DB 4 paral- b9, X.

Jelas, b eritang. ACB— CBD, ¢ ergo toti an. € 2, #%
uli ACD,ABD zquantur, Similicer aog,
g =D Po:'ro,cnm commun}_ 1:;;2 g B écllslal;

.ot anguli A B C,A C Biipfis X .

;iii‘:,’a“.%l’u'n&c,_;w, 4% AB—CD. adeaz 426, 13

; __CBD. QE.D.
que ctiam triang, AB.C"“CBD;'C'HOL&

.



34, EUCLIDIS Elementorum
' SCHOL,
Dmne quadrilaserum A B DC habere lagera ap=
pofira aqualia, eft paraltelogrammum.
"Namper8.1.ang, ABC =—=BCD. sergo
A B, CD parallelz funt, Eadem ratione ang.
b 35.def.x BCA—=CBDjaquare A C,BDetiam pa-
3544€1T callela fune. b Errgo ABDC eft parallelo.
: grammum. Q, E, '
A__E Hinc expedi-
¥ Pius per datum
P—. punttum C datee
' reGz A B du-
cetur parallela
CD

a1,
\

+Sume in A B quodvis pun&um E. centris E,
& C ad quodvis intervallum duc zquales circy-
Jos EF, CD. centroveraF, fpatio EC duc
circulum FD, qui priorem C D fecet in D,
Erit du@a C D parail. A B, Nam ut modo de-
monftratum eft, CEF D eft parallclograme
mum. : . - :
. PR O P. XXXV,

A D E _F Parallelogramme B
1 CDA, BCFE [x-
) G pér eadem bafi B C, &
1 /1 ineifdem parallelis AF,
. ’ BC conftitmea, intpr
‘ . ' e funt gqualia, '
| a3e.1i B c . f [NamgA De¢—BC
. bz.ax, 4—EF. adde communem DE, berit AE—
i €29, 1, 'DF.Sed& ABa—=DC &ang. Ac=CDF.
" d4/1. '~ dergotriang. A BE — D CF.aufer commune
" e3.4x. DGE, eerit Trapez. ABGD—=EGCF.

=

4 f2,4x. .addecommune BGC, ferit Pgr, ABCDe=
i EBCF, Q.E.D. Reliquorum cafuum non
b diffimilis, fcd fimplicior & facilior ¢ft demon-
14 ﬂaﬂﬁf’: Lo e

~  §ibos
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Scholium.

A D Silatus A B parallelogram = -
- J, mi re@anguli AB C D ferrd
intelligacur  perpendiculariter
per totam B C, aut B C per ro-
tam A B, producetur ¢o motu
I2%] | areare&anguli ABCD. Hinc
re@angulum fieri diciwr ex du-
L &u feu multiplicatione duoriim
B 3  Claterum contiguoruth. Sitex-
eipl, gr. B C pedum3, AB 4. Duc 3.in4;
proveniunt 12, pedes quadrati pro area re&an-
uli.. .
¥ Hoc fuppofito,ex hoc theoremate cujufcunq;
parallelogrammi (* E B C F ) habetur dimen- % 4. fig.
fio. [l'ius enim area producitur ex altitudine propof. 35.
B A dufia in bafim BC. Nam area re@anguli
A C parallelogramnto E B C F zqualis, firex
B AinB C,ergo, &e.
, PR O P, XXXVI,
' B Parallelogram<
A D_E me B C I§ A,
/// G HFE fuper o
- qualibws bafibusBC
B ¢cC G H GH,¢in cifdems
paralletis AF,BH conflitusa, inser f¢ (unt agualia,
Ducantud BE, CF, QuiaBC¢—=G ﬂ b—abyp.

EF, ¢ erit BCFE parallelogrammum, ergo Pgr. b34, I.
BCDAd—BCFEd=GHFE, QED.c33.1.

4f

PROP XXxvi, - 94355
A D F TriengulaBCA,
N} /‘ " BCD fuper eadem
bafi BC conflituta,

€9 in eifdem paral-
lels BC,EF inter
L : [e [uns aqualia.

’ a4 Due




25 ETUCLIDIS Elmentorum
a3t 1. #DucBE parall. CA, a& CF panall, BD;
b34.1. Erittriang. BCAb—5Pgr.BCAE—=¢?}
€35.1,&BDFCb=BCD., QE.D, .

s 84 )
2.4 PR OP, XXVIIL
Triangule B C A,
€ A D }[EFD[upcr cguaf
libus bafibms B C ,
EF conflitme, ¢
in ecifdem parallelis
GH, BF, imter fe
B C E F [fumequia,
Duc BG parall. CA. &F Hparall. ED:
atsl etit riang, BCAa— L Pgr. BCAG b—3%
bss."@,EDHFc:EFD. Q.E.D.
o ax.
€341 Scbol,

Sibafis BC c EF, liquet triang. BA C o~
EDF &fiBCaEF,erit BAC3EDF.

P R O P. XXXIX,
Agpmm——7f liaBCA,BCD,

[uper -cadem bafs
| w B C, ¢ ad cafdem
partes  conflituta
B A c etiam in ﬁei]dcn:

funt parallels A D,
BC.
1. - Sinegas,fitaltera AF parall. BC; & duca-
:gp °  twr CFergo Sﬂ!ﬂg-, CBFe=CBA 5—CBD
‘\,‘;9'- ax, ‘QE' A! . .

LR
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PR-OP XL,

T'ria -
qudic%"(l:‘A,
EFD fuper
aqualibxs bafs -

b BC, EF,
- € ad cafdem
parses conflisuta , ¢ in cifdem funs parallelis
AD. BE. :
Sinegas, fitaltera A H parall. BF, & duca-
tur F H. ergotriang. EFH 4-—BCA b—2a38.1,
EED. ¢ QE. A, b byp.

PROP XLL (€9 4%

D__ Si parallelogrammum
A _ E ABCD tul:lg:riugulo
BCE ecandem bafim
zC babuerit, iu‘lci[-
.. demquc fuerit parallelis
B C . A EguBfC, dupplum eris
parallelogrammum ABCD ipfins trianguli BCE,
Ducarur AC. Triang. BCA4—BCE, er- 2 37.1,
go Pgr. ABCD b—2BCA ¢—=2BCE. b34.1.
QE.D, . €6, 4%,

Scholium.

Hinc habetur area cujufeunque trlaniuli
BCE. Nam cum area paraliclogrammi AB

C D producatur ex altitudine in bafim du&a 5
producetur area triarguli ex. dimidia altitudive

in baflimdu@a, vel ex dimidia bafi in altitudi-

nem, utfi bafis B C fit 8, & altitudo 7 ; erit tris -
anguli B C E area, a8,
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ast.a.
b33, 1.
clo,1,

d38. 1,
e4rL. 1.

a34 1.
b 3. ax,

ETUCLIDIS Elementorums
PROP., XLIL i
A F ¢

B ¥ ¢ 3

Daté triamgulo AB C equale parallelogram-
gmu E C G F comfbituere in dato anguloréétilined
Per A aduc A G parall, B G bfacang. BCG
=— D, bafim B C ¢ bifeca in E. ¢duc E F parall:
CG. Dico falum,

Nam dufa A E. erit exconftr. ang. EC G
—D, &tiang. BACd-—3AEC ¢==DPgr.
ECGF. QE.F.

P R OP. XLIH,

A E In omui parallelos

Beramnto ABC D com-

_ plementa DG, G B eo:

H I rum que circa diames

trum A C fuwtpavalle-

n T C logrammorum HE,FI
inter (e func equalia. :

N-mTrang. ACD, =—¢ A CB, &triang!

AGH4—AGE &tiang GCFa—=GCt

bergoPgr.DG=GB. QE.D:

PROP;
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Laver I,
PR OP XLIV:

D E X
e
\[/TF

A K M u

Ad datam reclam lineam A, dato sriénguls B,
aquale parallclogrammum F L applicare in dase
angulo reitilineo C.
#FacPgr. F D —uriang. B,ita ut ang. GEE2 4nt.
== C. &pone Jater] GFin direfum F l§
Per Hbduc I L paral). EF ; cui occurrat D Ebst. 1.

produda ad Lper l F du@= re@z occurrat DG

protra&a ad K, Per Kb ducK Lparall. G H

- cui occorrant EF, & 1 H prolongatz ad M,

1. Erit FL, Pgr, quzﬁtum .
Nam Pgr.FL:———FD-—Bd&ang MF Heas. k.

=GFE=C, QE.F.  dIs.
PROP. XLV
c .. ‘

K °F IK
Ad devam veftam lineem £ G deso reilineo

" ABCD gquale paralielogrammum FL conflitucre,

in dato angulo reflilineo E. .
Datum’ re@ilincum refolve in trianguls’ g
BAD,;BCD,sFac. Pgr. FH—BADica ut 8 44. (I
arg. F—E, modu&a([; I,afac (ad HI) Pgr-



3%.
b19.4%]

cGonfir,

gt

£33. 1

'ecu[!tr:‘ f rg%’f&D, RC gares ériam funr,

EUCLIDIS Elementoram
IL—BCD:erit PgrFL=b0FH+1IL¢—

ABCD, QE.F.
b
AN G
|
D X

Hine factic inverithrexdt fius H-E, quoredis
linewmdaliquod A fubérat re@ilineum minus B
nimirum fi ad quamvis re@am CD applicentur
Pgr. DF=A.'S DH=B,

PROP. XLVL

bty A A8 rea ti
| nea AD qmdra-
. tum A C deferi-

re.
_ - aErigeduas per
,} - pendiculares A B,
] D€ b zquales
4| p dare AD; &
junge: BC, dico

0 faGum,

-Cuym enim ang. A =D ¢ =2 Re&. d erunt
DC pardllelz. Stntvero ctigm e zquales,
parailela,
gura A C'¢ft garalilogtamma, & zqui-

80

sch.29.1 Idteral Angull Giioqheomnes fe@ funt,g quoni-
ﬁ 29, d,s;,v ic'lf ufius A e&_%e“&us, heigoACelt qu;dratum.
LY t E

“Eodén modo faélle Béf@bes: ie@ngum,

quiod fub datis duabussyettis sontireathr,

PROP,

~
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PROP; XLVII,

. L] .
* Iirelamgulip
© triangulis BAC
quadratum B B,
quod 2 (asore
B C zeffurp an-
gubm “B:AC
Jubtgndense ded
feribisup, iqulk
el ehy G,

teribxs AB, AC
reltum angulum
continentibus de-
{eoibuntur”
“Junge AE ;]
AD; B.duc-AM,
arall. CE.

Quonigm ang, DBCe—FB A, adde com: 3 12. 4%, -

-unem:AB € erit ang. A BD—FBC, Sed &

ABW—FB, & B b—BC. cegotriang, b29. def
c4.1.

ABD = FBC, aequkPgr. BM.d —z2"ABD;

CH, quadls® -

Pgr. BG:d == 31 BBC (nam:GAC eft usa retta daet. 1,

mili difcurfu Pgr. GM—GH.” Totumigjur
BE o fBG A QHIQE. D, v x - 3

. Schol,

Hoc nobiliffimuny, & urilffimum thesrema
ab toventore Pythagora,Pythagericum djcl me;
tuit, Ejus bencficio quadratorum additio, &
fubftradtio perficitur ; quo fpe&3nt duo fequens

.ta problemata, ‘

o PROBL;

-per hypi & L4:1:) . e.ergo Pgr. BM =BG, Si- ¢ 6. éx:
fz, ax]

I
R
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Aud.Targ,

‘?l‘I:l

b

EUGLIDIS Elementorum

PROBL. 1

z
* T  Daub quncungue que-
‘ B- ‘ drasic, snum ovinibns a-

guale conflruere,
‘I
AB:

Dentur quadrata tria,
; quuum latera int AB,
; . BC, CE.«Facing, re-
- &um F B Z infinita has

beut latera, in caque

”. ranserBA &BC, &
C * ;unieAC,b entACq
Bq+BCq. Tum

. ACttansfetemeX;
k E B & C E: tertium latusda-

53, a

tum transfer ex Bin B, & § junge BX, b eric

. BXq —BBq (CEq)«- q(ACq)c-—-CEq

~+ABg+BCq. Q
g rxop,r.., 2
" Datisdushes vetisin:
udibu: ARB,BC,ex-
guadrasum , quo

quldfmm majoris A B
excedis quadratum: mino-

CATTB ¢ #WBC.

S

b3, ax,

Centro B intervallo BA defcribe circulum, ex

C erige perpendicularem C E occurrentem pe-
ti in E, & docatur BE, ¢ Erit BEq®
q)==BCq+C Eq bergo BAq—— BCq—= -

: C!iq. QEE

PROBL




Liber- 1, 37.
PROBL. 3.
. Notis duobm quibufcungme
4 reribm »igo:im::m;m
ABC, reliqunm hwvenire. -
Latera reQum angilom
:lmbi'entital fint ﬁf, AB, .
_hoc 6. pedum, illud 8, ergo 47. 2s
8cgmACq-0- A =’g4 o
= 36 == 100=B Cq, erit
BC—=4/100—10, °
Nota fint deinde larera:
N iAlhli;j B C, hoc 10, pedum, -
6. ergo cum B Cque -
—ACq,eritACqQ=4/64=8, ‘
P % OP. XLVIII. °* i
8i quadratum quod abuno
latere BC trianguli defevibi-
sur, aqusle fis ck quadreli.
" quis trianguli laseribue AB,
G defcribuntur guadvasis,
, axgulws BA C comprebenfm
fub A B, A C reliquis duobus triangulilaseribus ,
reitwmeft,
. Ducad ACperpendicularem DA — AB, &
junge C D. .
Jam CDq 4—ADq+ACq =—=ABg—+a4y.1.
A Cq—BCaq. * ergo CD=—=BC. ergotrian- »pide f;,i
gula CAB, CAD, fibi mutuo gquilaterafunt ; yhegy,”
quare ang,CABb—=CAD¢—Re& QED. 3 1;

Schol, CHYpe

Aflumpfimus exinde quod CDq. — B Cq,
fequi C D —B C. Hoc vero magifeitum fiet ex
fequenti thevremate.

C3 : YHE-



33 EUCLIDIS Elemmtomm
T H E'O R E M A

E_FPH

Lintarmn aqeulmm AB, CD, egnalia funt
ﬁodma AF, CGj3 & quadrmrum aqualium
K,PM ;gmlu (unt lasera 1K, LM,

o - Pro 1 Hyps Duc diametros EB, HD, Li-
8361 ‘quet AF— a2ttlang, BAB=— 2 triang.
b‘» “@ CD"'—‘CG- QED

H*p Si fieri poteft, fit LMK fac
345. L 8 K; afitgue L$—==LYq. ergo L
br. pars, b—.—:Nx e=LQ, 4 QE.A.ergo LM—IK,
chyp.
do.sx) . . (orR.
. Bodem wodo qozlider veGtangula itteer fe
z«wﬂama aqualla oftendentur,

L1IB.
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"LIB. 1L
Definitiones. '

N ’ X4

EMne panallelogrammym re@an-
A gulum ABCD continest dicitye
S £ fub re&is dusbus AB, AD,quee

7Lt reGum comprehendunt anpl-

Samatll

* Quando igitur 'jli‘t’itur rectangulum fyb B A5
A D, wvel brevisasis caufa; rectangulum B A D,
vel BAxAD, (vel ZAproZx A ;) defignatur
~ veltangulum quod continetur (Wb BA, & AD ad
 reilum angulum conftitusyy, ’

11. Inomni paralielogrammo fpazio FHIK
unumquodg; eorum, quz girca djametrum illiis
funt,paralielogrammorum,cum dyobus comple-
mentis Gnomon vocetur, us Pgr. FB+BI+GA
(EHM) ¢ff Gromen, item Pgr, FB+BI+EM

GKA) ot Grommn, .
3-( o Cs PROP;
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(300

b 19.4%.1, b eft zquale re@angulis A H,D [, EG, hoc eft’

¢34. 14

ar s
b 3. ax.

i

EUVUCLIDIS Elementorum
PROP I

F _HYG sifurinduarcieling
AB, AF, fecesurquc ipfa-
rum altera AB m quot-
g«_lquc[c me:;a AD, DE,
B redangulnm compre-

A D EBC, Lo i dubare.
#ilincks AB, AV, aquale cft cis, quafubine
- fele AF, ¢ quolibes fegmentorum A D, D E,
B compre, ntur redtanguli. _ )
aStatue A F, perpendicularem ad AB, 4 per

F duc infinitam F G perpendicularem ad A E.
&Bx D, E, B erige perpendicularesD H, E I,
BG. erit AG reQangulum fub AF, AB, &

(quia D H, EI, AF cparesfunt) reGangu.
JisfubAF,AD;fub AF,DE; wbAF,EB,

Q. E.D,
Schol,

Imo fi fuerint due rele, fecenturque amba it
quotcungue partes, idem provenit ex duilu totixe in
totum, C5° partiumin partes.

Nam fit Z—A+B+.C, & Y—D~+E; quiz
DZ4=D A +DB+DC, &EZ4—EA—+EB
+EC, &YZ4=DZ+EZbert ZY—=DA
+DB+DC+EA+EB+EC.Q.E.D.

Hing pater ratio ducendi reftas compofitss in
compofions. Nam omsnia partium reitangula accipere
oportes, € habetur reitengulum ex totis.

Sin linearum in fe ducendarum fignis + ad-
mjfceantur figna—etiam fignorum ratio haben-
da eft. Quippe ex—+in—provenic—;at ex—in—
provenit+, Nam fit+ A dycenda in B—C. &
quoniam + A non affirmatur detoto B, fed de
ejus parte tantitm,qua fuperat C,debet AC ma-
Rere riegata.quare prodibit AB—-AC, Vel fic ;
N : , qua

—_— o - e e en
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wuia B conftat paniibus C, & B—C, % erit AB# 1.2, -

R e — "0 v

=_e

—AC~+A in B—Cj;aufer utrinque AC,erit AB
—AC—A in B—C. Similiter fi —A ducenda
fitin B—C, quoniam ex vi figni~— non nega=
tur A de toto B, fed de ejusfolummodo exceffls
fupra C,debet AC manere affirmata. proveniet
érgo—AB+AC. Velfic; quia AB*—AC—+A
in B—C,; tolle utrinque omnia, erit—AB—AC
—A in B+C; adde AC utrinque,eritque —AB
+AC=A in B—C.

Atque ex bisrite perfpeitis,quz fublequuatar
@.propofitiones, alizque ejufmodi innumers ex
linearum In fe du@arum comparatione emer-
gentes (quas apud Vietam, & alios Analyflasia
numerato habes) nullo negotio demonftrantur,
rem plerumque quafi 3d fimplicem calculum

exigendo.

orro, $Jiquet produum ex quapiam magnl-  xg. ax,

tudine in numeri cojufliber partes, aquari pro-
dulo ex eadem in totum numerum. Uts A
A—n A& 4Ring A+4Ainy A—g Ain1s
A:quare quzin hoc loco de re&arum in fe dudta
di&ta funt,cadem de numerorum in fe multiph-
catione intelligi poffunt.proinde etia; quzing,
fequentibus theorematls de lineis affirmantur, @
eadem valent de numeris accepta 3 quippe cum
itz omnes ab bac prima immediate depende-
ant & deducantar,

Propofitiones decem primz hujus libri valent
etlam in numeris, Reliquas quilibet tyro exami-
pet. prohac, fit AF6, & AB 13, feQus in’
ADs, DE3, & EB4. Eftiquesxiz (AG)
e=72.6xs (AHY—30 6in3 (D) —18,
denique 6x4 (EG) = 24. Liquet vero
30-+18-+24=73. ’

PROD,

|



42 ECUCLIDIS Elemenioram ’

'PROP, IIL

F H ¢ Siredalina AB feltafis

i utcungue i D, rejtapzula

que {ub tosa A B (o quolibcs

Jegmentarum AD, DB com-

prehendumur, aqualia funs ci
quod d tota AB fit quadrago.

. B Erige AF perpendicula-

_ A D rem & zqualern AB,& erunt

#1.3, #AFxAD+AFPxDB:=—AFxAB; hoceit

(cbAF—=AB) ABx AD+ABx DB—ABq.

PROP III,
F Y G, Sireda lincs AB fedla

fit urcunque in D, reitan-
gulum (ub to2a AB & umo
Jegmentorum AD compre.
| benfum,equale eft illi guad
fub [cgb;::;ti‘ AD‘é DB
comprebenditur vedangu-
A B B lo, ¢ illi quod a predicto
fegmenzo AD deferibitur quadraso;

. Nam erige AF perpendicularem & 2qualerp
DB, & completis paralielogrammis F D, F B,
21,2, erit ABxAF—4 AFxDB-+AFxAD hoc eft (ob

"7 AF=AD) ABxAD—ADxDB~+ADq,

PROP 1IV.
‘A D B Sircde AB fellafieus-
’ ~ cunque in D, quadrasum

gued 2 2088 AD deferibitur, aquale ,cf ihis que ®
fegmemit AD, DB defcribuntur quadrasiy, ¢ ei
guod b fub fegmentis A D, D B comprebenditur,

' yeilamgulo,

ara Nam ABq—4ABx AD+ABxDB, Cim

b3.3,  ergob ABXAD—ADxDB+ADq& b ABng




STes A Tl

- Laper LA, v :
==ADxDB —+ DBq, erit ¢ ABq-=—ADq+DBq ¢ 1.6z,
~+2 ADxDB. P s AB ¢
» ; iter. Super AB fac
E Fo quadratum K D, cujus
diameter . EB, per divie
ficnis punGum C dnc
. perpendicularem CF; &
X per G duc HI panall
AB,
niam ang EHG—A
A ¢ re&?;q:ﬂ, &A EgB dfemire- d 4. Cer,
&us, ¢ erit reliquus HGE etiam femireGus, 32. 1.
Ergo HE f = HG g— EFg=AC, bproinde € 33. 5
H F quadratum eft re@2 A C. eodem modo CI f 6.1,
elt CBq.ergo AG. GD re@angula funt fubAC, g34. 1.
CB. Quare totyim quadratum AD g — ACq h29.def.1d

~ +CBq+zACB, QE,D.. k 19.8x.8,

Corell.

1. Hinc liquet parallelogramma cicca diames
trum quadrati efle quadrata. .
2. Item diametrum cujufvirquadraciejus and
gulos bifecare. _
- 3.8iA—1 Z; erit 2q—4 Aq,& Ag— 1} Zq.
item € contra, i Zg—4 Aq. erit A— 3 Z.

PROP. V.
AT b
¢ » fecesur in aqualia

AC bCB, ¢ non aqualia AD, DB, reitangu-

Lum (ub inequalibus fegmants A D, D B compre-

heafum una cum quedrato, quod fis ab insermedia
[edionum CD, agualecfl ci,-qued & dimidis CB '
. deferibisur, quadraro. '
Dico CBq—ADB~+CDq.. . RN

o JEquantug I



24,2,
b3 2.

.z,

*kb.x 2

23.2. ¢
3. ax,

@ N 2 Lok LT AV ARV ICPYIEY UL ST

CB%
Equantur Y4 CDq+CDB~+DBq+CDB

enins ita)CDg+ 5 CBD(¢ACxBD)+CDB |

CDg~+d4 ADB.

" Hoc Theorema paulo gliter effertur, o faciling

demonfivasur fic; Reflangulum ex fumma ¢ diffe-
rmigl dusrum reilarum A, E, aquatyr differentia
ex ipfis. -
Nam fi A+E ducatur in A—E,*provenit Aq
—AE+EA—Eq—=Aq—Eq. QE.D.

Scbholium,

: ] Si A B aliter
A ' "B gividatur propi-
¢c ED us feilicet puc&o

blie&ionis,in E; dico AEB—ADB.
Nam AEB ¢—CBa—CEq.& ADBs—CBq
~—CDaq. ergo quum CDq o~ CEq, erit AEB~

ADB, QE.D.

Corold.

HincADq +D Bqe- AEq+ EBq. Nam
ADq+DBq—+2 ADBb—ABqb—AFq—+EBq
~+3 AEB, ergoquum 2 AE B2 ADB, eric
ADq—;DBq:-AEq-a-EBq._ Q.E.D,

Unde 2. ADq+ DBq— AEq¢ — EBq—2
AEB—2 ADB? P3—ARqe —ERg

PROP, VI,

w §i recta linea A bifea
tiam fecetur,(o” ilireRle

quapiam linea E in direStum adficiatur ; velangu-
lum comprebenfum (ub sota cum adjecta (fub. A~
E,} ¢ adjeila E una cum quadraso,qued 2 dimidia
GGA, )qualc eft quadraso 2 linea, que tum ex di~
midia, vim ex adjcita componitur ganquans abung
(3A—E) deferipto.

a4 ¢'3. Dicog Aq(sQ.3 &) +AE+Eq—Q.1 A

Cor. 4.2, +E.4Nam QiA+E—1Aq-+Bq-+AE.
¢

R e e o

F—ym




Iabey Il 35
Cowroll,

HinclitresreGz E,E+ £ A, E A fintin
proportione Arithmetica, re&angulum fub ex-
tremis B, E - A contentum, una cum quadra-
ro exceflus 1 A, zquale erit quadrato mediz
E+3A

PROP VIL
; Si reffa linea Z fe: .
,_/_Z—h cetur utcumguesy Quﬁol
A E 2 rore 7, quodque ab
uno fegmentorumE, utraque imul quadrata aqua~
tia [uns ili,quod bisfub tota Z, ¢ diffo fegmente
E comprebendisur, refangule, ¢ illiy quod 2 rebi-
quo fegmento A fir, quadrato.

Dico Zq+Eq—2 ZE+Aq. Nam Zqs—Aqr4:% -

~+Eq+2 AE.& 2 ZE b—2 Eq+ ¢ AE, bj3.2
Coroll,

Hinc,quadratum differentiz dvarum quarom-
cunque linearum Z,B, 2quale eft quadratis uesi.
ufque minus duplo reangulo tub ipfis.

s Nam Zq+Eq—2ZE—Aq—Q Z—B. 7. u&

' .4z

PROD VIILI 5.4

/,,z—-\ &irectalinea 2 fecesur
X

-F ntcunque 5 reftamgutum

A E . quater comprebenfumfub

: ’ tota Z ¢o° uno fegmente-

sumE cum eo,quod 2 seliquo fegmento A fis quas

Arato,aquale cft ei,quod & roea Z (5 didto fegmiento

E,tanquam ab una lines Z+Edefcribitur,quadrato.

Dicoq4 ZE+aq—=Q.Z+E, Nam2ZEe— 2.2, ¢

2q+Eq-— Aq. ergo4 ZE +Aq—Zq+Eq+2 3, ax.

"ZEb=Q2~+E. QE.D. bg. 2
: ~PRO?P IX
A.F + —5 Siveflslines AB

¢ D fecesur in ngualis
AC



24. 2.
b byp.

€. 2

ECVUCLLDLY t;‘lefmntom‘m

AC, CB, ¢ nom aqualia AD, DB. quadrasa,qué
ab inagqualibus sotins fegmentis AD, DB fiuns, fi-
mul daplicia {unt, @ cjmyquod & dimidia A€, ¢5
¢jus, quod ab imsermedia [eitionum CD fis, quss
drati,’

Dico ADg+ DBq—2 ACq+2 CDq. Nam
ADgq+DBqa—ACy+CDq~+2 ACD—+DBq,
arqui 2ACD (b2BCD)+ DBqe—=C Bq
(ACq) + CDq.dergo ADq +DBq—2 ACq

d2,4x -2 CDq. Q.E.'D.

341

Aliter effertur & facilios demonftratur fic 5

Aggregastum quadrasorum ex [wama, & diffe-
vensia duarum rectarum AE, aquatur duplo qug-
dratorum cx ipfis. _

Nam Q. A +E¢ —Aq-+Eq+2 AR. & QA

b €er.7.2, ;—E b — Aq+Eq—2 AE.Hzc colle&a facfmt

a 40 z.

2 Aq+2Eq. QE.D.
PROT X

' bt Sivellalinea A fece-
A2 7 E bifariam, ldjic!mr‘
" autem ci-in veffum quepiam linea; -Quod 2 to14
A cum adjunits B¢ quod ab adjunifla B, usr aque
fimul quadrata, duplicia funs (9 ejus, quod 3 di-
midia A ; ¢ ejus, quod & compofica ex dimidia,
C;' Mjuu&zéulgudn abuns ; A~+E, defcriptum
(b, quadraiz. . . .
ico Eq+Q.A~E, bocefta Aq+ 2 Eq+2

b (or.4.2, AE—2Q,5 A+2Q} A+E.Nam 2 Q,-;— Ab
cs.2 —3A¢&K2Q{A+Ec=73 Ag+2Eq-+2 AE,

"PROF.
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PROP XL

: Dattm reilam ii- ¢
AB neam A B fecave in -

G HG, us 50"””%"-

X fum fubtota AB, ¢5*
alrero fegmentorum
¥ J BG reangudum, -

quale fit ei qued dve-

’ ZD ”* E » A 'Frliquo fegmenso AG,

Fs,quadrate,

-Suptr AB adelciibe quadratum AC. latus 2 46, 1.
AD-bbifeca in E.doc EB. ¢x EA produ@a cape b te. 1.
B F—EB-ad A Faltawe quadratum A H.

Brit AH = AB x BG.

Namprotrata:H Gad I ; Re&ang, D H -+
EAq¢—tFqd—EBqe—BAq-+kAqergoDH ¢6.2.
f—=BAqd—quad. AC fubtrahc commune Aly d conflr.

fremanet quad AH==GCd id elt AGy=—ABx € 47 {.
BG. Q.E.E’ t3.ax,
. * Scholium.
_ Hec Propofitio numeris explicati nequic;
¥neque enim ullus nomerus ita fecari poteft,"ur *¥vid 6.13.
_produdium ex toto in partem unam' zquale fit
guadrato. paitis reliquz, i
‘P R-OP, XIL .
I\ ' In amblygeniy triangulis
ABC quadrasion, grod-fis 2
lssere A C angubim obtujum
AB-C. fubtendtnre, majus ef
vy quadratis, qua flunt  lateribus
c .B P z\B,fBC'qlbt"zfum -Angulan
A B C comprehendentibus, velangido bis compre-
benfo, ¢ ab uno baterum B-C,” qua [unt circa-
obtufum angulum ABC, in qued, cum prorradum
fueriz, cadis perpendivutaris AD, < ab affumpiz
exteriuslines B D {ub perpendiculari Aldgrope
spgulum obiufum A B C. bi
ico




2 47.1.
b:’z\.
€475,

LOULCLIDIS> Liementorsws
Dico ACq~—CBq-+ABq—+ 2 CB x BD.
NamiftaC Acq.

®qualia ) ¢« CDq~+ADq. o
funtin.“) 5 CBq+ 2 CBD+BDq+ADq
terfe {( CBq+2CBD¢~+ABq.

Sdbol,

Hine, cognitis Latcribws trianguli obtufanguli
ABC, facile inveniensur tum fegmentum BD inter.
perpendicularem AD, ¢o° obsufum angulum ABC
snterceptum, sum ipfa perpendicutaris AD.

Sic; Sit AC 10, AB %, CB 53 unde ACq Ioo,
ABq 49, CBq1s. Proinde ABq + CBg == 74.
hunc deme ex 100, manet 26 pro z CBD. unde
C3D eric13. hunc divide per CB s, ptovenic
2§ pfo BD, quare AD invenitur per 47.1,

PROP XIIL
. Tid oxygeniis sridngulis ABC

' A uadrasum 3 larere A B amgu-
: ’ 1um acutum ACB fubtendente,
. minws cft quadrasis, que fiuns &
B (Imribu AC, CB gcusum an-
D lum A C B contprebendenti.

i“n,rtﬁa ulo bis ton'pn'beu[o,
€2 ab umo latérumi BC, qua funt circa acutum an.

. gulum ACB,in quod perpendicularis AD cadis, ¢o*

247. 1.
by 2.
c47-1.

&b affumipra imsering linea D C [ub perpendiculary
AD, prope angulum acutum ACB.
. Dico ACq +BCq—ABq-+ 2 BCD,
N ACq+B(Cq,
Nam zquan- Y4 A Dq+D Cq+BCq.
tur itta bADq+BDqg+2BCD;
¢ABq+2BCD.

Coroll.

" Hinc etiam cognith lateribua trixnguli ABC,
invenire eff tam fegmemsumDC inter perpendissulas
‘ : rem

e e e — et o
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- = T

=% e e . W

- ded VYV A &

rem AD, ¢ acutum angulum A B C intcrecptum,
quam ipfam perpendicuisrem AD.

Sit AB13. AC 15. BC 14, Detrahe A Bq
(169) ex A Cq—+BCq hoc eft ex 225 + 196
~—421 ; remanet 252 pro 2 BCD 3 unde BCD
erit 126. bunc divide per B C 14, provenit 9
pro DC, unde AD—y/: 22§ —81—13,

PR OP, XIV.

A B (A

I L : B
‘ E

Datorectilineo A aquale quadratum ML in< .
venire.

# Fac reGangulum DB—A, cujus majus la- a 4¢, 1.
tus D C producadF, itaut CF—=CB, bBi-b 10,3
feca DF in G, quo centro ad intervallum G E :
defcribe circulum F HD, producatur CB, do-

nec occurrat circumferentiz in H. Erit CHq—
*ML:AO *46. 1. .
Ducarur enim G H, Eftque A¢—=DB¢— Conﬂ‘r,'
DCF4d=GFq—G Cqe==HCqe=M Ldy.2, ¢
QE.F, 3. #x,
€473, &
3. 8%,




(§50)
~LI1IB IIL
Defnitiones.

B E

G [ H
< cl@‘"
2§

uales citculi (GABC,

DEF) funt,quorum dia.
metri junt zquales, wvel
quorum quz ex centrig
ré&tz lineze GA, H D,
funt 2quales,

II. Re&alinea AB cir-
culum F E D tangere dici-
tur,qua cum circulum tan-
8at, fi producarur drcutum
F non fecat, ‘

Re@a FG fecat circu-
lum FED.

I, Circuli DAC, ABE (item FBG

. ARBE) fe mutuo tangere dicuntur, qui fe mutuo
tangentes fefe mutuo non fecant.

Circulus BEG fecat circulum FGH,

- T ' 1V, In




e
s

[==§

16,
s

oy Biftere dicicur,

Liber III,

IV. In circulo

P K _ GABD equaliver diy

B fare i centro dicun-

sur ye@z linex FE

KL, cuom perpendicu~

8 laresGH, GN, qua

a centro G in ipfas

;{ucumur » funt zqua-

: es. Longius autem

D E L abefle illa B C dicitur,
in quam major perpendicularis G cadit,

B V. Segmentum circu-

li (ABC) eft figura,

quz fubrettalinea AC,

A € & circuli peripheria ABG
comprehenditur,

D

VL Segnemi autem angulus (CAB) eft,
qui fub refta linea CA & circuli peripheria A B
comprehenditur, .

VIIL. In fegmento autem (A B C) angulus
(ABC) eft, cum in(egmenti peripheria fum-
prum fuerit quodpiam pun&um B, & abilloin
terminos re@% ejus linee A C, quz fegmentl
bafis eft,adjun&z fuerint reQx line2 AB, CB,
isinquam angulus A B C ab adjun&is illis lineis
A B, CB comprehenfus. ‘ '

VI[I. Cum vero comprehendentes angus
lum A BC re&zlinez A B, B C aliquam aflu-
munt peripheriam A D C,illi angulus ABC in-

D 2 _IXESC:‘

5t



L) EUCLIDIS Elementorsm
A XI. Se&or autem circuli

culi centrum D conftitutus

B (ADB)eft,cum ad ipfius cir-

fuerit angulusA DBscompre- |:
" henfa nimirum figura ADB.
& are@islineis AD, BD an-
gulum continentibus,& 4 pes
ripheria AB ab illis affumpta.

N

X. Similia circuli fegmenta (ABC, DEF) |
fugr, quzangulos ¢A B C, DEF) capiunt - |
quales; autin quibus anguli ABC, DEF inter |’

{e funt 2quales.
PROPD L

B - Daticirculi ABC cen-

trum F reperire.
.  Ducin circulo re@am
E A Cutcunque, quam bi-
fecain E, per E duc per-
pendicularem D B. hanc
A . C bifeca in F. erit F centrfi,
F Si negas, centrum efto
D G, extra retam DB

(nam in ea efle nan potelt, cym ubique extra

F dividatur inzqualiter) ducanturque G A,
«18.def.1, G C, GE, Vis G centrumefle ; 2 ergo GA—
b8, 1. GCj; &perconftr. A E—EC, latus vero GE
¢ 10,dcf. 1. commune eft; b ergo anguli GEA, GEC pares,
d 12, 4x. & ¢ proinder:&ifuar, 4 ergoang, GEC—FEC
tg.ax, re@eQEBA, =
) Coroll,




Liber 1I1J. §3

0 Conll.

si Hinc, fiin circulo re@a aliqua linea BD ali2
wzquam re&am lineam AC bifariam & ad angulos
ur retos fecer, in fecante BD erit centrum,

A\l '
Di
i
m

F acillime per normam imvenitur cemtoum vertice Aud. Targ)
Q ad circumferensiam applicaso. Si enim re@a
DE jungens pun&a D, & E, in quibus norma
- Jatera Q D, QE peripheriam fecant, bifecetur- -
" §n A, erit A centrum. Demonftratio pendetex

4 31, hujus, -
' PROP II
Si in.circuli "AB peris

pheria duo qualibes punits,
A, B accepta fucring, reita .
linea AB,que ad ipfs punita
adjungitur, imsra’ circulum
cader, B

Accipeinre&a AB quod-
vis pun&um D, & excentro Cduc CA, CD, * -
CB. & quoniam CA ¢ == CB, berit ang. A— a14.defix,
B.Sedang. CDBérrA; ergoang. CDBb g, 1,
B.d ergo CB = C D atqui CB tantum peftin- ¢ 16, 1,
git ex cemtroad circumferentiam; ergo €D eo- d 19, 1,

( ufque non pertingit, ergopunum D eftintra
" circulum. Idemque oftendetur de quovis alio
. pun&ore&e AB, Tora igiwr A B caditintra
3 circulum, QE,D. - ,
;T o D3 Coroll.

L

St
-




54 EUCLIDIS Elementoruns
' . Coroll,
Hine, re@a circulum tangens, ifa uteum
noa fecet, inunico pun&to tangic,

PROP. IIL

-+ 81 in circulo EABC

B .- Yeltd quedam linea B D
. per cemrum  extenfs
quundem A C nom per
centtui extenfam bifa-
vlam (teer, (isF) ¢
" ad angulos reftos ipfam
C [ecabity @ f adangn.
o’ ~ losreilos eam Yeces, bi-
D {m‘m quoquecem feca-

it

Ex centro E ducantur EA, EC,
abyp. X.Hyp. Quoniam AF 4 —FC & EA b—EC,
b 1§ def.1: latufque E F commune eft, ¢ erunt anguli EFA,
c8. 1.  EFC pares, & d confequenter reti. QE.D,
drodef.r; 2 Hyp.Quoniam ang.EFA ¢ — EFC, & ang.
ebyp. & EAF f—ECF, latufque E F commune, g erit
12,4x, AF=FC. BfeQaeftigitur AC. Q.E.D.
fs.1. corol. ,
g2d. 1. Hinc, in triangulo quovis #quilatero & 1o~
fcele linea ab angulo verticis bifecans bafim,per-
pendicularis eft bafi, & contra perpendicularis
ab angulo verticis bifecat bafim,

PROP IV,

_Siincircuto ACD dug

D reffelinca AB, CD fefe

Mutio fecent Bon. per e

trum Eextenfz, [cfe mu-

vy 810 bifariaye non fecabuns,

Nam fi vna percen.

< © trum yanfeat,paseehanc
’ non



Liber 111 : 55
fion bifecariab altera, quz ex hyp.per centrum
. pon tranfit. _
Sincutra per centrum tranfit, ex E centro
duc EF. 8i jam ambz A B, C D forent bife&2 .
in F,anguli EF B, EF D g ambo efent 5e&i, & ; 3.3
. poinde zquales, b Q.E.A. , D9, ax,

PROP, V., i

1 B St duo circult

, BAC,BDCfefe

- mutuo fecems, won

. erit illorum jdens .
cemtrum E.

Alias enim du2

&is ex communi

A centto E re&is

C EB,EDA, eflent
' ‘ ED a—EBa— a 15.4ef.1)

EA.bQEA. bg.ax,
PROP VI

B 81 duo cirewli BAC>

' BDE, fefe mutuo inscriva

,- sangant (in B) eerym mom
, eritidem cemtrum P,

DA Alias du&is ex centro
FreQisFB, FDA, effent -~
FD 4 — EB s —FA, as.defi1,
bQ.EN. by, ax,

D4 PROP,



36

23, 1,

2230, 1,

EUCLIDIS Elmmtomn_t

PROP VIL
- 8iin AB diametro
é A circuli quodpiam fuma.-

sur punétum G, qued
civculi cemrum non fit,
ab eoque punito in cir-
cubum quedam refte li.
2 GC,GD, GE ca-
dunt 3 maxima quidesns
erit ca (GA ) in qua
B - centrum F mnima vero
. B H religua G B, alisrum

: vero illd, que percen-
sripm ducitur, propinquior GC vemotiore GD (em-
per majoreft. Due asem folumredelinee GE

GH agqales ab eodem puncto in circubun caduns,

ad usrafque parses minimg GB, vl maxime GA,
 Excentro Fduc re&tas FC, FD, TE ; & 2 fac
ang, BFH—BFE.
1. GF+FC (hocelt GA) ¢~ GC,
QE.D

bry.def.1. 2. Latus EG commuse eft, ¥ FCb=FD,

€9. dx.
d24.1,
€20/ 1.
fy5.ax.

g eonflr.
h4-‘lﬂ.

atqueang. GFC ¢ GF D, dergobal, G
cGD..QED.
3. FB(FE) e2GE + GF. ergo ablato
communi FG fremanet BG ~3 EG. Q.E.D. -
4. Latus FG commune eft, & FE—FH; atq;
ang. BFHz —BFE. h ergo GE—GH. Quod
veronulla alla GD ex pun&o G zquetur ipfi
" GE, vel GH, jamjam oftenfum eft,” Q.E.D,

B PR



Lwer HI, - $7
PROP, VIIL :

8iextra circulum
fumatur  punium
quodpiam A,ab coq;
puncto ad circulum
deducansur
lince AL, AH,AG,
AF,quarum una qui-
dem Al per cemtrum
K protendasur, relie
qua vero us libets
B cavam peripberi-
am eadensium refla-

¢ rum linearum maxi-
ma quiden cft ills

Al gue per comrum
duceturalisrum au-

tem ei qua per centrum sranfis propinguior AH re<

motiore & G femper major eft. Incomvexam vero

peripberiam codentium recarum linearum minima

guidemeftilla AB, qua inser punitam A, ¢ dii-

mesrum Bl interponitur alidrum autem ed,que cff

minime propinguior AC remotiore AD femper mi-

noreft. Duaautem santumred e linee AC, AL

equales ab co puno in ipfum cireulum cadunt, ad

urafque partes minime AB, vel maxime AL
Ex centro Kducre@as KH,K G, KF ; KC,

KD, KE. & fac ang. AKL—AKC. ' :
1. AL(AK+KH) 4 AH. QED. = 210,18
2. Latus AKX communeeft ; &K H—=KG; - '

atqueang. AKH"AKG. bergoball AHz b 24, 1,

AG, QE.D.
3.KA ¢ 1 KC+CA. aufer bincinde zquales c 30. 17
KC, KB, derit AB—2AC., ds. ax.

4. AE—.-CK e—3 A D DK, aufer hince2t, 1,
inde ®quales CK, DK, fetitAC 1 AD.f g, ax,
QE.D. |
‘ Lacus



58 EUCLIDIS Elementorum

5. Latus KA eftcommune & KL—KC;

g comfirs  arque ang. AKL g—AKC, bergo LA—

bg.1.  CA. hifce veronulla alia zquatur, ex modd
oftenfis. ergo, &c.

PROP IX

Siin circulo B CK acce=
prum fueris punum aliquod
A, ab co punilo ad circu-
Inm cadans plures, quam due
rete lines aquales AB,AC,
AK, scceptum punitum A
centrum eft ipfma civeuli.

Nam 4 2 oullo punQo
L extra centrum plures quam
dug reCte line2 zquales duci poffunt ad circuma
ferentiam, Ergo A eft centrum. QE.D,

PROP, X,

A : Circulus
TAKBL cirgu-
lum 1EKFL in
pluribus guam
duobus punitie
non fecas,

Secet, fi fies

* ripoteft intrie

bus punéis I,
‘ K, L. Jan&= 1K, KL bifecenturin M&N.
a Cor. 1.3, a Amho circuli centrum babent in fingulls per-
" pendicularibus M C, N H, & proinde in earum
jnterfe@ione O. ergo fecantes circuli idem cens

bs.3.  crumhabent, b QEN,

87.34

PROP

N B e -

Py )

—



Liber I1I. 59
PROP. XL

A si duo cirenli
Lz GADE, FABG
B —‘1 fefe imtns comtingans,
atquc accepta fucring
corumcemsra G, F3
ad corum cemra ad-
. jundtareitalinea F G,
¢ produila, in A con-

E

2adum circulorum ca=
des,

G
¥

C

$1 fieri poteft, reQa F G protra@a fecet cir:
culos extra contalum A,ficurnon FG A, fed
FG DB ficreQia linea, Ducawur G A, Et quia
GDa—GA&GBb—=GA, (cum re@ FGB
tranfeac per F centrum majoris circuli) erit GB
—1GD.c QEA. -

as.defir;
b7. 3.
© €9, ax.

PROP XIL

§i duo cireuli ACD, BCE fefe exterius contin-
gans,linea reita AB qua ad corum centra A,B ad-
juuéiaur, per consaitum C tranfibis.

i fieri poteft, ficre@a ADEB({ecans circulos
extra conta&um C in pundlis D, E. Duc A C,
CB.erit AD+EB(AC+GB)s—AD+2az0,1,
EB.hQE.A, i by, ax.
R PROP,



6o EVCLIDIS Elementorym
PROP, X1IL

reulus
C AC[Z cir-
onlum BAH
Bontangit in
pluribus pun.
ak, quem
uno A, five
imm, five
exsratangqs.
1, Tangat
fi fieri po-
teft, intus in
pundis A,
H.gergores
N G aa CBgcehi;
tra conne&ens, fi producatur cadettam in A,
brs.def.1, quam in H.Quoniam igitur CH b—CA & BH
c15.def.r, cCH. erit BA (¢ BH) - CA. 4 QE.A.
dg: ax, 2. Sin dicatur exterius contingere in punQis
e2,3, E&F, cduftare&a EF inutroque circulo eric,
' Circull ::ir"fc’ mutuo fecant, quod gon ponis

ar, 3

tufo

.PROP. XIV.'

B In cirauo EA BC
aquales relfe linew AC,
B D, equaliter diffans 3
cemro E. ¢’ qua AC, BD
equaliter diftant & centro,
g aquales funs inger fo.

\ § £ G/ Excentro E ducpers

\ pendiculares BF, EG:

azg." A 4 qua- bifecabunt A C,

‘ ¢ D DB.conne@e EA,EB.

‘ by ex, 1. Hyp.AC::BD. ergo AF b—BG. fed &
: + EA—EB, ergo Fch;BAq—:AF%;.:
Bvq




Liber III. | 61
‘EBq—BGq¢—EGq. d ergo FE=—EG.QE.D. c 47.1.¢¢
2. Hyp.EF—=EG.ergo AFq -—EAq—EFq— 3. 4x.
EBqe—~EGq¢—GBq. ergo AF d— G B. d s¢bhel,
e proinde AC—BD. QE.D. 48, 1.
PROP XV. €6, ax.

In ¢ircule GABC
FAK " maxime guidem linea
i ef diameser AD; ali-
arum autem centra G 7
propinguior FE remo-
tiore BC femper ma-
HI ) jor off. femper
N 1. Duc GB, GC. '
Diameter AD (sars.def.s,
GB —i-DGC) bBC.bzo,1,

4 QE.D.

ED LS . Sie diftania
GI — GH. accipe GN — GH. per N ducKL
perpend, Gl junge GK,GL. & quia GK—GB,
& GL —GC; eftque ang. KGLBGC, ¢ erit 24Xy
KL (FE) — BC. QE.D, '
PROP XVI

¢ F ' A D ‘b'QM CD

U |

- extremi-
sate  diames
i HA cujuf-
que  civeuli
BALH o
angules rcélos
ducltur , en-
sra jpfum cira
culum cqdes
& in locum
inter  ipfam
redam  lises
am, ¢ peri-
pheriam com.
’ prehen.




n e PTG SE  ARE

aig. 1.

bi1g.1,

L VCLLODLIo Licmentoram

prebenfum altera refte linea A L non cades, ¢ fe-
micirculi quidem angulus BAI quovi angulo acuso
rectilineo B A L major cft 5 reliquns ausem D A L
miner,

1. Excentro B ad quodyis pup&um F in re-
&a A C ducre@am BF. Latus B F fubtendens
angulum re@um B A F 4 majus el latere B A,
quod opponitur acuto BFA.ergo cum BA (BG)
pertingat ad circumferentiam, BF ulterius por-
rigetur, adeoque pun@um F 5 & eadem ratione

quodvisaliud re@z A C, extra cicculum fitum

erit. Q.E.D,

2. Duc BE perpendic, AL.Latus BA oppofi=
tum reGoangulo BE A b majuseft latere BE,
quoed acuium BAE fubtendit: ergo punétum E,
adeoque tota EA cadit intra circulum, Q.E.D.

3. Hinc fequitur angulum quemvis acutum
nempe E A D angulo contaltus D A I majorem
effe.Idem angulum quemvis acutum BA L an«
gulo femicirculi BAI minorem efle, QE.D!

Corell,
Hinc, re@a a diametri circuli extremitate ad
angulos reGtos duta ipfum circulum tangir.
Ex hac propofitione paradoxa confequuntur &
mirabilia bene multa,qoa vide apud interpretes.

PR OP XVIL

F A daso puntfo A reclam

lineam A C ducere, que
datum  circulum DBC
sangat,

Ex D dati circull
centro ad datum pun-
Qum A ducawur re@ta
D A fecans peripheriam
inB. Centro D defcrid
bsper A alium circulum

o AE;




Lisber III. 63

AE ; & ex B duc perpendicularem ad AD, qua
occurrat circulo A Ein E.duc E D occurrentem
circulo BCinC. ex A ad C dultare@atanget
circulum DBC.

Nam DB 4— DC, & DE 4 — DA, &ang, 315.def.1,
D communlseft: bergoang. ACD—EBD, b4. L.
red, ¢ ergo AC tangit circulum C, QEF,  ¢Cor.16.3,

PROP, XVIII,

c §i cireulum FEDC
tangas reita quepiam ki-
nea A B, acentroautem
ad contaltum E adjumga-
tur recfa gquadam lnes
F FE; queadjunBa fuerit
FE ad ipfam contingentem
A B,perpendicularis evit.
D Sinegas, ficexF cen-
tro alia quzdam FG per-
A E GB pendicularis ad con‘:in—
gentem,a fecabi ea circulum in D, Quum igi- a2 2. def. 3.
tur apg FGE reQus dicatur b erit ang.FEG acu- ¢ 16, 3.

tus, ¢ ergo FE (FD) cFG. d QE.A, bger.17.1.
PROP XIX, 3'9-‘-
c B si circulum tetige- 9. ax.

rit reta quapiam li-
nee A B, & contaitu
autem C reda linea
F CE ad angulos rccos
ipfi tangensi excite-
tur, inexcitata CB
erit-centrum _circuls,
T Si negas, fit cen-
. : trum extra CEinF,
&ab F ad contatum ducatur FC. lgitur ang.-
FCB # reQus eft 5 & 4 proinde par angulo ECB 4 ;g 3.
te&o per bypoth, b QE. A, " arLiex,

b9, ax.
prOD, %

4




64 EUVCLIDIS Elementorum
PR OP XX

A A !
A/
(K

Incirculo D A BC, angulws BDC ad centrum
duplex eft anguli BAC 4d pevipberiam, cum fueric
eadem peripberia B C bafis angulorum, \

Duc diametrum ADSE, :

2321,  Externus angulus BDE &—DAB+DBA b—
bs.z.  2DAB. Similiterang, EDC—2DAC.ergo :
c2.4x.  inprimo c3fu ¢ totus BDC —:BAC;jfed intere
d20,4x. tlocafu d reliquusangulus BDC—=aBAC,

Q.E.D,
| PR OP. XXL

N “

Tn cireulo E D A C quiin cedem fegmento funs
anguli, DAC (o DBC funt inter (¢ aquales. k
1. Caf. Sifegmentum DABC femicirculo fic
majus,ex centro E,duc ED, EC. Britque 2 angs
24203, Ag—FEa4—2B, QED. - v

2.C4f, Sin fegmentum femicirculo majusnon
fuerit, fumma angulorum trianguli ADF 2qua- \

: tur fumm:e angulorum in triangulo B CF, De=
. bi1g. 1. mantur hinc inde AFD b—BFC, & ADB¢—= ;
' cper1.c4f, ACB,remanent DAC=DBC, QE'I?I.{ op ;

24

ey NN



‘Liber 111 &8
PR OP, XXIL

Luadrilaterorum
ABCD incirculo
defcriptorum anguli
ADC,ABC, guj ex
adverfo, duobus re-
dtis funt aquales.

DucAC, BD:.
(o4 Aﬂé ABC +

BCA +BAC a3z, 1,
— % Re@. Sed

D BDAb=BCA,bzr1;

& BDCbh—BAC, '

€ergo ABC+ ADC — 2 Ret. QE,D, cx. dx)

CotroR,

1. Hinc, i # AB unum latus quadrilateri 4. :
fn circulo deferipti producatur, 2:it angulus :;‘d: f'!‘
externus E B C zqualis angulointerno ADC, gram,
qui opponitur ¢i ABC, qui eft deinceps externo
EBC utpaterex13,1, & 3. ax,

2, Item circa Rhombum circulus defcribi ne2
quit 3 quia adverfi ejus anguli vel cedunt duobus
1e&is, vel eos excedunr, ’ ‘

SCHOL.

B Siin quadrilatero
ABCD anguli A,¢° €
qui ex adverfo duobus
reftis aquantur, circa
quadrilaterum circulua
defcribi poseft.

Nam circulus per

queflibet tres angulos

B, C, D tranfibic (ut

Etebit'ex §. 4.) dico eundem per A cranfire)
am fineges, tranfeat per F, ergo dultis reQis

B s




EVCLIDIS Elementorum
a2:.3. BF,FD, BD;ang.C+F ¢—a Re@. b— C+A
b byp. ¢ quare A—F. 4 Q.E.A.

C3.84, - P R OP. XXIII
dar 1,
- Super cadem refle

B linca A C duo cireulo-

// \ rum fegmensz A BC,

A cADC fimilia ¢5° ine-

A gqualia non conftituen-
tur ad eafdem partes.

Nam fi dicantur fimilia, duc CB fecantem
circumferentias in D, & B, &junge A D, ac

ar1e def.3. AB.Quia fegmenta ponuntur fimilia,& eric ang.

bi6.1, ADC—ABC.bQE.A.
PR OP. XXIV.

h : ‘Super aqude
B E bibue rcé!i:q li-
L A b |- wei AC, DF
- F B

Smilia circs-
G lorum [egmen-

@ " AB{ZfDEF :
unt inter (¢ &-
ﬁ gulit. f !

AD CFAD CF ~ Bafis AC

fuperpofita bafi DF ei congruet,quia AC—=DF. ..

ergo fegmentum A BC congruct fegmento DEF
a13,3, (alias enim autintra cader, auc extra, £atque

ita fegmenta non erunt fimilia, contra Hyp, ant

faltem partim intra, partim extra, adeoque ip<
bio.3: fum incribus punis fecabit. b Q. B. A.) ¢ pi%-
c8 4x, indefegmentum ABC=DEF,.QED.

PROP;

T T~ . Y AF e € e, ey



1

Liber I1I. 67
PROP, XXV.
B N Circuli _[egmente
ABC dato, defcribere
circulum, cujmeff fog-
mensun
Subrendantur ut.
¥ cunque duz reGz AB,
c BC, quas bifecain D,
&E. Bx D, & E duc pevpendiculaces DF EF
:t”umntes in pun&o F. Hoc erit centrum cir-

Nam centrum 2 €am in DF, vquam in EF acor,1.3.
exiftie. ergo in commiuni pun&o F,QE.F,
PROP XXVI,

PUA\VRVZn\\

I aqulibm civentis G ABC,HDEY aquales an-

¢ i aqualibus peviperiis AC, DE infiffuns five od

ntr4G,H five ad peripher. B,E conflitutiinfifans.

b circulerum zqualitatem, et GA—HD, .
¥ GC=HF, itemper byp. ang, G=H. 34 1,
tergo AC—=DF Sed &ang. Bb—4G—=¢} p10, 3¢
Hb—E, dergofegmenta ABC, DEF fimilia, byp.

, ¢&proinde paria funt. fergo etizm reliqua fe- 4 10.4ef.3)
gment2 AC, DF zquantur. QE D. €24.3.
A s‘bﬂllm. fs' ‘x*

In circolo ABCD, fic ar-
cus AB pararcui DC ;5 erit
AD parall. BC. Nam du&a

/ AC aericang ACB=—CAD. a:6.3,
€ quareperay. 1, .
B ? PE 3 PROP

v

_ e e



a 26.3.
b byp.
€9. &x.

a7 3.
bhyp.
c4 1.

e hyp.

f28,1, -

ECUCLILDIO LMBIVIRT
PR O P, XXVIL

"Iuae uali-
B L bus cirgculk,
GABC,
HDEEF, an-

' gull qui @<
Jualibus pe-
A (o ) Fripherik A€,

DFinfiflune,

funt imser [e ognales, five ad centra G, H, five ad

peripherias B, E conflisuti infiftant,
Nam § ficri poteft, fit altereorum AGC

" DHE. fiaique AG I —D HF. ergoarcus AL

#— DFb—AC.¢ QE.A.
T scHoOL.. \

, , |/ Lincare8a’EF,
E /A i Fque dulfa ex A
NS o» . medio punito peri-
o therie  alicujxe

BC,circulumran-
- git, parallela c]f
reffe linca B C,
qua  peripheriam

Liam fubsend i,

i Duc ¢ centra
‘ . D ad contatum’
Arc&am DA, & conne&e DB, DC.
Latus DG commune eft; & DB=—DC, atque
ang. BDA 4 —CDA (ob arcus BA, CA b =-
quales) ¢ergoanguliad bafim DGB,DGC

‘zquales, & 4 proinde reti funt. Sed interni an-
d 1o.def.1. guli GAE, GAF ¢ etiam re&i funt. f ergo BC,

EF funt parallelz, QE.D,

fadied

~BPROD,



Libr 111~ 6
PROP. XXVIII '

libwe
circulys GABC,
HDEF, equales

’ NN lince AC
: A-c KK/~ DFsquales peri-

' pheriss auferuns;
wajorem quidem ABC majori DEF, minorem au-,
- tem ALC minori DKF.
* Ecentris G, H,ducGA, GC; & HD, HF,
Quoniam G A—H D, & GC= HF, atque
* ACa—DF; berit ang G=—=H. c¢ergo arcus abyp,
. QC;DKF d proinde rehquus ABC—=DEF.} g,
E
Quod fifubtenta AC it vel 2 DF, erit 4236 g
fimili modo arcus AC cvel2 DF. *
g P R O P. XXIX.

In agualibug
circulys GABC,
HDEF, equales
peripherias ABC,
F DEF aquales re-
tte lince A C,
DF fubmxdun.

Duc G A,GC; &HD, HE Quia GA=— )
HD; &GC——HF, & (obarcus AC, DF -
lparcs)etiam ang. Gb-—H,c erit baf, AC—-DF. abyp. .
QE.D. . bay. 3.

- Hazc & tres proxime pracedentes mtellxg:q c4.1,
tnrcuam de eodcm cu-culo. .

PROP XXX : v
B Datam peripheriam A BC

bifariam fecare.

Duc AC; guam bifeca in
D.ex D duc perpendicula<
rem DB occurrentem arcui

A. D  CigB. Dicofattum,
'~ Es Jung




70 EUCLIDIS Elementorum

Juogantureolm AB, C B. Latus D B com-
acesff. munccit; &AD «=DC; &arg. ADBS —
bis.4x, €DB.¢ergoAB—=BC.dquarcarcus AB —;
¢4t BC,QEF

dat. 3. PROP. XXXL
EF In circuls angauls

Be— ABC, quiinfemicir.
cule yeitm cftyqui au-
sem in majore feg-

et BAC, minor

reffo } qui vere iBIF”i-

nore [cgmento C,

major cft reflo. Kt in-

fuper angulm majord
fegmensi relo quidem major e, minoris cusem feg -
mensi sngulm, minoroft rello.

Ex centro Dduc DB, Quia DB8=—=DA, erit
3¢. 1)  aog. Ag¢—DBA. pariter ang. DCB4—DBC,
bz.ex. bergoang. ABC—A~+ACBi=EBC,
c32. 1. dproinie ABC, & EBCre@ifunr, Q. E. D,
drodefir.eergo BAC acutuseft, Q E, D. ergocum
¢Cor.17.5, BAC + B F Cf—1 Re&. erlt B F Cobtufus,
f22.3. denique angulus fubre@a CB, &arcu BA C

major eft re@o A BC. falusverofub CB, &
. BF C peripheria minoris fegmenti, re&o EBC
g9-#x. gminorecit. Q.E.D,

SCHOLIUM, ‘
In trisngulo reftangule A B C, fi byposenu(s
AC bifecesur in D, circule censro Ig, per A d{.
{c;-ipm tranfibit per B, wt facile ipfe demonfiras
yex bac, &21.1, :

A

- ' . LJ .PR.O..g)‘



Liber II1. ) -
PROP, XXXIL

81 circulum tetigerit
E  sigusreftalines AB, 2
consaifu Autem producas
tur quadam rella lines o
F CE circulum (ecans 2 an-
guli ECB,ECA,gues ad
contingentens facit,a
les funs i, qui is alsersip
civuli fegments confia
A C B fusanzatkEDC,EFC]
$it CD laeus anguli EDC perpendiculare ad .
' AB (sperinde enim eft) bergo C D eft dia-8 '-5.33‘
" meter, ¢ ergoang, CED infemicirculo re@usb19. 34
. eff.dergoang. D+ DCE—ReQ,e——ECB—+ € 31-3.
DCE. fergoang. D—ECB. QE.D. d3z2. l.‘
Cum igitur ang. ECB + ECA g — 3 Re@, € Gonfir.
p=—D —+ F; auter hinc inde 2quales ECB, & ‘31. 3‘8-

. D, gremanent ECA—F. QE,D, 13 3!.‘
P R o\p’ xxxuf. - ‘ks. "x;‘

Supry datg
reéla linea AB
deferibere ciy-
culi fegmentum
AlEB;qued ca-
piat  angulum
AlB agualem
daso anguly re-
: dilineo C,
&Fac ang. BAD—C, per A duc AE perpen- 2123, 1,
dicularem ad HD. ad alterum terminum datz
ABfac ang. ABF == BAF., cujus alterum laws
fecet AE in F.centro F per A deferibe circulum,
quod tranfibic per B (quia ang, FBA b—FAB, bconflr,
¢ideoque FB——FA ;) fegmentum AlBeltidc6.1.
quod quaritur,

[s] .

E 4 Nam



7% ETUCLIDIS Elementorum

Nam quia HD diametro AE perpendicularis
dcor.16.3. cft,d tangit HD circulum, quem fecat AB, ergo
e3s.3. ang AIBe=BADf—C, Q.E.F,

f Confir.
£ Ot PROP XXXIV.

¢ B A dato circule
c ABC [:%mntu-
A BC sbfcindere
capicps angulune B
aguslem dato am.
/ ulo yectilineo D.

‘ 4 Duc retam
$17.3. B A F EF, quz tangat
ba3. 1. datum circulum InA.b ducatur ftem AC faciens

ang. FAC=D. Hzcauferetfegmentum ABC -
€33.3. Capien angulum Be—=CAF d—=D. QE.F,

dgmfr,

PR OP. XXXV,

siincirculo FBCA dugreelinea AB, DC !
fefe musuo fecuering, yeflanguium comprehenfum
. . LI_‘b

'



Lwer I]I, 73

{ub fegmemsis AE, EB usim, aquale eft ¢i quod fub
fegmensis CE, ED alscrins comprebendisur, re-
clangulo,

Caf. 1. SireQz {efe in centro fecent,res claa
ra eft, ,

2, Siuna ABtranfeat per centrum F, & re<
liquam CD bifecet, duc FD. Eftque Re@ang.
AEB+FEqa—FBq b — FDq¢ —EDq-—+2 4. 2.
FBqd — CED +FEq. ccrgo ReQtang. AEB— b fch.48.1;
CED. QE.D. c47.1,

3. Siuna AB dizmeter fit, alteramque CD dbyp.
fecet inzqualiter, bifeca CD per FG perpendi- € 3. ax.
gularem ex centro. e

Retang, AEB-+-FEq,
Equan- fFBq (EDq). , fs.2. ,
tur ifta’ & FGq+GDq. . £47. L
FGq+bh GEq+Re@ang. CED, hs.2.
k FEq+CED, kay. 1,
1Ergo Re@ang. AEB—CED. 13, ax,

4 Sineutrare&arum AB,CD percentrum
tranfeat, per interfe&ionis pun&tum E duc dia-
mettum GH. Per modo demonftrata ReQang.
AEB=GEH—CED. Q.E.D.

Facilius fic, & uni~
verlaliter; conne@e
AC & BD, atque ob
angulos4 CEA,DEB, 215. 1.
bipfofque C,B(fuper b 21. 3,
eodem arcu AD) pa-

/ res; trigona CEA',

23 ED, ¢ zquiangula € 607321,
funt.d ergo CE. EA:: d 4.6, °
EB.ED.¢ proinde CE ¢ 16. 6,

N7

D
*ED—EAxEB, Q.E.D,

Quaz ex6, lib, citantur,tam ilic quam in feq.
ab hac minime pqul_ent;q:xarc jis uti liculx, 4

PROP,
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a18.3.
b4y. 1.

€62

d3.ax

a3.3..
b4y.1.
c6.2,

d47. 1,

Fyuom

EUCOCLIDIY Lismentorsn

P R OP. XXXVL

o] D
D

B

A

Siextracirculum EBC f[umatur punitum ali-
gued D, abeoquc punite in circulum cadans dua
vefla linca DA,DB; quarum slsere DA circulum
feces,slseravero DB sanger; Quod fub tota fecame
DA, @exserim inser punfum D, ¢ comuvexam
peripheriam affumpsa DC comprebendisur reilan-
iulum, agquale erit oi, quod & sangenss DB deferi-

itur, quadraso,

1, C4f, Sifecans AD tranfeat per centrum E,
junge EB; & facier hzc cum DBreQum angu-
lom; quare DBq—+ EBq (ECq) b—E Dq
¢—=ADxDC~+ECqdergoaDxDC=
DBq. QE.D.

2. (4f Sin A D per centrum non tranfeat;
duc EC,EB,ED ; arque EF perpend. AD,quare
abife@a e ACinF, )

Quoniam igitar B Dq—+ EBqb—DEq b=
EFq+FDq¢—=EFq+ADC+F Cqd=
ADC -+ CEq(EBg;)sait BDg—ADC,
QE.D.

Facilius




" -8 ¥ MM\ da T

Lsver 111, 7%

D  -Faciliusac univerfali.
usfic;

Dac AB,& BC.accob
“angulos A, DBC apa- 3 32.3.
res, & D communem,
triangula BDC, ADB
bzquiangula fuot, cer- b32. 1,
go AD. DB::DB. CD. 4. 6.
dquare ADxDC—d17.6,
DBq. QE.D..

Coroll.

1, Hinc, i 2 pun@o quo-
vis A extra circulum affum-
pto,plurima lincz re&ix AB,
AC circulum fecantes ducan-
tur, re&angula comprehenfa
fubtotislineis AB, A C, &
partibus externis AE, AFin~
ter {e funt 2qualia. Nam fi
. ducatur tangeusA Djerit CAF
—ADqs—BAE, a36.32

2. Conftat etiam duasre:
&as AB,ACabeodem pun&a
A duflas,quz circulum tsns
gant, inter fe 2quales efle,

Nam fi ducatur AE fes
canscirculum 5 erit ABqé—12 36. 3,
EAF=ACq, ¢

3. Per-



SN A
d8, 3.

e cor,
{ byp.
‘s.;.

217, 3.
b byp.
€36-3.

ETVUCLIDIS Elementorum

3. Perfpicuum quoque eft ab codem pun&o
A extra circulum affumpro, duci tantum pofie
duaslineas, AB, AC quz circulum tangant.

Nam fitertla AD tangere dicatur, erit AD
¢=AB¢—AC. 4QFEN.

4. E contra conftar, fi duz re&z zquales
A B, A C ex pun&o quopiam Ainconvexam
peripheriam incidant, & earum una AB circus
lum tangar, alteram quoque cicculum tangere.

Nam i ficri potet, non AC, fedaltera AD
circulum tangat, ergo ADe—AC f—=AB.
€UE, A,

PR OP. XXXVIIL

D 8i extracirculum EBF

Jumasur puntam D, ab

2 A i in circulum cadans

dugrefalinea DA, DB

B quarumaltera DA circu-

lum feces, alsera D B in

cum incidass fir autem

E quod ubsosa fecanse DA,

¢ exterise inser punitum,

€5* comvexam peripheriam

A affumpta DC, compreben-

ditur rectangulum, aquale ci, quod ab incidente

D B deferibitur quadraso, incidens ipfs¢ D B ¢ir
culum tanges.

Ex D #ducatur tangens DF; atque ex E cen-

'm ducE D, & B, EF, Q%ia DBq b—ADC

¢—=DFq,derit DB—DF, Sed EB—EF,

d1.4x¢” &laws B D commune eft; ecrgoang. EBD
fcb. 48. 1. —EFD Sed EFD reQuseft, fergoEBEY

e8. 1,
f 12, ax.

geor.16.3.

hs, 1.

etiam re&us eft, ¢ ergo D B tangit circulum

Q.E.D, > 8 g ’
(oroll,

Hine,bang. EDB—EDF. ..

= L IB.

- ”

N 4

!
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D&U L I B- IV.

ad L

. Definitiones.

2 Lg Igurare@ilinea in figura re@ili=

Y nea infcribi dicitur, cum finguli

At s, ur, cuil

WIS ejus figura, quz infcribitur, a0+
‘:f Si\\?gj guli hgnguI; latera ejus in qua
;ﬂ > infcribitur, tangunt,
A0 A Sictriangulum DEF eff infori-

prum in sriangulo ABC.
b ? E II. Similiter & figura circafi-
: guram defcribi dicitur, cum fin-

Cgula ejus, qua circumfcribitur,
latera fipgulos ejus figure angin-
4 lmretigerint,circa quamiilla deferibitur.. ,
w  atriangulum A'B C cft deferipsum circa sris
i, oglmDEF. . |

. E H F

t 1L Figurare&ilineain circolo inferibi dicis
 tur, cum finguli ejus figure, queinfcribicur,
C | aogulitecigerint circuli peiipheriam,

3 LV, Figura vero reilinea circa circulum
) deferibi dicitur,cum fingula latera ejus, quz cir-
} - amfcribiwr, circuli peripheriam tangua,
_ V. Similiter & circulus in figura re&tilinea
inferibi dicitur, cum circuli peripheria fingula
+ latera tangit ejus figura, cui infcribiur,
V1. Circulus augem circa figuram dcfcr";!?l
i.

¥ ’ D i
2; A fi -
Ay :
| B G ‘ .
i :

g . @2 |

2



78 EUCLIDIS Elementorsm

dichor, cum circuli pe fingulos tangit
¢jus figurz, quam circumicribit, angulos.

VII, Refa linea in cir-
culo accommodari , feu coa-
prari dicltur,cum cjus extrema
in circuli peripheria fuerinr ; uc

A B reQa linea Ag

PROP. L Prebl, 1.

In date circulo
ABC rcllem l1i-
neam A B accom-
medare aqualeny
date refle lince
O, que cireulidd-
emetro A C non
o t major.

3. poff. Centro A, [patio AE::Dl](i!ercr:br circulum
b1 1.lcf 1, dato circulo occurrentem in B, Erit du@a AB
¢ confiy, b=AE=D. QE E,

PR O P IL Probl 3}

In  dato.

siremlo ABC
triangulum
ABC defcrie
C bere datoeri-
angulo DEF
agquiangulum
Re@aGH

circulums da.

a1y.3: tumnanga: in A, bFac:ng HAC=—E; b&
b33.1,  apg. GAB—F, & junge BC, Dico fa&nm.

Nam




Lo 17V, 79

Namang. B¢ =HAC4d—E; &ang. Cec32.3.
¢— GABd—Fiequare etiam ang. BAC=D. d conffr.
ergo triang, B A C circuloin{criptum triangulo e 32.1,
DEF zquiangulum eft. Q.E.F.

PR OP. ILL Pnbl, 3
D N

L B M

Girca datum circulum LABC srigngulum LNM
deferibere, daso sriangulo DBF equiangulxm.

Produc lawus E F utrinque. ag‘ac ad centrum 3 28. X
lang. AIB—=DEG. &ang. BI C=DFH,
deinde in pun@isy A, B, Cecirculum b tangane b17. 3¢
tresre&z LN, LM, MN., Dico faGum.

Nam quod coibunt re@we LN, LM, MN," )
arque jra trianEulum confljtuent, patet ; ¢ quia € !3. &X.
anguli LAY, LBI d re&d{uny, adeoque dulla di8, 3,
AB angulos faciet LAB, LBA duobus re@is mi.
nores. Quoniam igiturang. AIB-+ L e—2 ¢ Schel,
Re&. f —=DEG-+DEF;& AIBg—DEG,b erit 3- L.
ang. L—DEF.Simili argumento ang, M—=DEE. f 13- I-
kergoetiam ang. N—D. ergo triang. LN M g‘"’l"-
circulo circumfctiptum date rg D Feit equian. [ 3. 4%-
gulum, QE.F, ‘ k32 i

PROP,
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PROP, LIV. Probl 4.

In dato srian:
gulo AB C cir-
culum EF G i»-
feribere, ,

Duos angulos :
B, & C abifeca
re&is BD, CD
coeuntibus in D),

C Ex D bduc pér-

F. pendicularesDE,
DF, DG. circulus centro D per E defcriptus
tranfibit per G, & F, tangetque tria latera eri-
anguli,

_ceonfiy) Namang DBE ¢—=DBF; & ang. DEBd—=
d 13.4x, DFB; & latus DB commune eft ; eergo DE—
¢26,1,  DF.Sjwili argumento DG—DF. Circulus igi-

tur centro D defcriptus tranfit per E,F,G; & -
cumanguli ad E,F, G fint re@i, tangitomnia °
trianguii latera. Q.E.F. ~

agrl

bi1s.1,

Sebolium.
Petr, He= Hinc, cogniti laseribum trianguli, invemientuy
riz. eorum fegmensa, que fiunt 2 consaitibus circuliing

feripti.  Sic, :
+SitABi2, AC18,BC 16, Erit AB+ .
B C—:8, ex quo fubduc 18—AC—AE+FC,
remanct 10 —BE -+ BF, ergo BE, vel BF—=$. -
- proinde FC, vel CG =11, quare GA, vel -
AE—7y. ' ‘

{*9
=
Ie}
B



&ATET LV . -

PROP. V. Pnil. 52

Cives dutum sriangulum ABC circulu FABC

Lacera quvisduoB A; AC abileca per;;n; aro.1i;
dicglaribus DF, EF concurrentibusinF. Hoc 1,
erit centrum circuli,

Nam ducantur re&2 FA,FB, FC. Quoniam
AD#—=DB; & latms DF commune eft ; & ao:;g. b conffr,
FDA ¢ —=EDB, d erit FB — FA. codem modo ¢ cenflr.¢s*
FC—=F A. ergo circulus centro F per dati tri- 12. ax,
aoguli angulos B, A, C eranfibis. QE.Fi da.1,

Corell. .

#Hinc, fi criangulum fuerit acurangulum ; * 31,3,
centrum cadet intra triangulum;f re@angulum, '

In latus re&o angulo oppofitum ; & denique ob-,
wlangulum, extra triangulum,
Schel,

Eadem methodo defcribetur circulus; qul
tranfear per data tria pun&a, non inunare@a
linea exiftentia,

F PROP



da

arL1,

b26. 37
€29,3.

d3r. 3.

e 29 def1,

aiy.s.

b18.3,
c28.1,

ds3g. U
ers.def.t,
£29. defo1,

ECVCLILDIO Liementorum
PR OP. LV. Prbl s,

In dato cireule EABCD
A D quadratum ABCD in-
feribere,

4 Duc diametros AC,
| BD {¢ murtio {ecantes
ad angulos re&os ¥ cen-
tro E. junge harum tere
minos re&is AB, BC,
B € CD, DA. Dicofadum,

Nam quia 4 anguliad
E re&ifunt, barcus, &¢fubtenfz A B, BC,
€D, DA paresfum, ergo ABCD xquilaterum
eft ; cjufque omnes anguli in femlcirculis,adeo-

ue d re@i funt, eergo ABCD eft quadratum,
jato circulo infcriptum. Q.EF.

: PROP, VIL Prol 3.
P A G Girca datam circus

lum EABCD quadrs.
tum FHIG defcribere.
r Duc diametros AC,

B D BD fe mutuo fecantes
. ndicularicer, per
arum extrema & duc
_tapgentes _concurren-
H C T esniF, #0.G Dics
faGum. Namobangulosad A, & C reQos,
¢ erit FG parall. H1. eadem modo FH parall.
Gl.ergo FHIG elt panallelogrammum’; &
quidem reQangulum. fed & quilaterum, quia
FGd—HId—=BD¢— CAd—FH =Gl
quare FHIG eft fquadratoni, dato circsdo cir-
cumfcriptum. Q.E.F,

SCHOL,



it

Liver IV, . ' §3
' $cHOL '
Quadratum ABCD circulo
A E B circumfcriptum, duplam cft qua-
HE drati BEGH circulo inferipei.
ch

Nam reQang. HB:=2 HEF;
o D&HD_.zHGF pprq! Ie.

P K OP. VI Probl 8

m dgo ’ydmd
DA BC D circulunt

A H
~. | IEEGH infcribere.
K \ Latera quadra bl-
T \ fecain pundis H, E, F,

Ef——1———]GG; juoge HF, EG fefe
fgcantes in L. circulus
\ / centro I per H defcri
B e ¢ ptus quadratoiinferibe-

E
Nam quia A H, BF ¢ pares acbgarallelz a7 ax.

fam, “ﬁt AB .parall HF parall. DC. egdem b28, 1.

modo AD parall. E G parall. BC. ergo 1A, € 33. 1.

1D, 1B, £ C fune parallelogramma,  Ergo

AHd-—AE ¢ —HI-—EI—IF=IG. Circulug 97 43

lgmu ccntro i per H defceiptus tranfibie per ¢ 34+ 1.
, tangetque quadratNatera,cum an.

s"h adi{ E, F, G fint re@i. AQE, F,

2 ?RQ{,’;‘
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PR.OP. IX. Pribl 9.

A Circa ditam
qusdrasem ABCD

circulum EABCD

defcriere,

Duc diametros
E p AC, BD fecantes
in E. centro E pet
A defcribe circu-
lum. Isdato qua-
drato chcumfcri.
c ptus eft,

Nam anguli

24.0r.33. ABD, & BAC 4 lemire@i funt ; bergo EA—

!-
b6.1;

ain s,

b1, 4.

€5 4 % Namduc DC; & per CDA ¢ defcribe circus

EB. e¢odem modo EA—ED—EC. Circulus
Igitur centro E defcriptus per A, B, C, D dad
quadrari angulos tranfit, Q.E.F.

PR OP X. probl 10.

Ifofceles tri-
agulum’ ABD
conflituere, Gued -

babeas uma-znc'
corum que &d ba-
fim funt angulo-
rum B (o ADB
duplum reliquiA.

Accipe quam-

[ vis reCtam AB,
‘ quam & feca in
C, itaut ABx

D BC—ACq
Centro A per B deféribe circulum A'BD ; in boe
b accommoda BD—AC, & junge AD. efittri-
ang. ABD quod quardtur,

lum,



T
Liber 1V, 85

km, Quoniam ABxBC—ACq. dliquet BD d 37. 32 ¢
aogere circulum ACD, quem fecat CD.cer- €32,3." '

t ioan .BDC=A. ergoang. BDC-+CDA f=— {1, ¢x.

P A+ DA—g BCD, fed BDC+CDA=g33, 1.

! BBAb—=CBD.ke oang. BCD—CBD. hs. 1.
g0 DCI—DB m—AC.% quare ang.CDA=—=k £, s, ~

? A=BDC. ergo ADB — 2 A=A BD, 16.1.

)

* QEF, m conffr]
A\ Hgc conftru@io Analytice inda- 8 5. Xs
P gatue fic ; FaQum fit 3 &angulum

) BDA bifecet re@a DC, 4ergo DA. 23.6,

' DB:: CA, CB. item ob ang. CDA

. b— 5 ADB¢=A,deft GA —=DC. b conftr,

. B pacobang. DC3e— A+ CDA==chyp.

. ‘2Ae==B,derit DB=DC, fergo d6.12

;: DB=C A, proinde D A. (¢ BA.)CA:! CA. €321,
(8. gunde BAXCB—CAgq. f1. ax.
17. 6,
Coroll, B17.%

Cum omnes anguli A,B,D bconficiant { h 32,13
;’; 1Red, (2Re@ ) liquet Aefle 2 2 Re@, ¢

j FROP. XI. ProbL1yg !

[ , *
lh L |

i) F : i *

it A

i H

¥ ;

i "

bl

W

lndato circule ABCDE pentagonum aquilates . ‘

> M8 (@ aguiangulym ABCDE inferibere. Sy
o W aguieng o feribe 4Des.

i
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86 EUVCLIDIS Elementorum ;

219, 4. &Defcribe wrlangulum fofceles FGH habens 1
utrumque angulorum ad bafim daplum angult w. -
bs. 4  adverticen, b Huic 2quiangulam €AD inferi- &
: be circulo, Apgulos ad bafim ACD, & ADC
€9. 1,  ¢bifecare®is DB, CE occarrentibus cirtumfes -
rentizin B, & E conne@e re@as CB; BA, A,
ED; Dicofa&um, .
' . Nam ex conftr.liquet quinque angulos CAD, !
d25; 3. 'CDB, BDA, DCE, ECA pares efle ; quated
€29. 3. dtcits ¢ & {ubtenfz DC, CB, BA, AE, DB z- }/
_ Qudntar, Pentagosum igitur equilaterum el I\
f23.4. ft verd etiam zquiingulum, f quia ejus anguli
g 2. 6x. AB, AED), &c. infiltunt arcubus g zqualivus /
: BCDE; ABCD, &c. ]
Huijus problematis praxis facilior tradetur 3

10, 13.
Corsll. l
Hine, angulus pentagoni zquilateri & 2quic
anguli 2quatur § 2 Rea, vel $Re@. -
. LI
Schol, RS

Pet.Herig, Univer{uliter figura impariurk laterum il‘[cri-‘ 1';5 I

buwsur civculo bemeficio tri orum Ifofcctium, -,
quorum anguli aquales ad bafim multiplices um '\
corum, qui ad versicem fuems gnpnlorum; parium ves ;-
o laserldm figure in Gﬁtﬂd%x‘bumur opelfe-
feelinm srjanguborum,quokum enguli €d bafimmuk ..
tiplices [efquialicri (uns’ corum, gui &d versices ;.
Junt, kng érmlt. :

Uein tiangulo Ifofeele .,
CAB, ang. A=3 C=B; 1.,

A B-erit latus Heptagonh ;|
s‘A—_ﬂc s “erir ABlaws ;.
Enneagoni, &c. SinveroA e
P11 C, etit AB Itis .
quadiaf, By AA=23C,

"7 fubtens
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197!
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Liber IV, . - . 87

fubtendet A B fextam parrem circumferentiz s
paricerque fi A==3 3 C; arit AB latuso&a4
goni, &e.

PROPXIL Prbl 13

(ircs datum circulum FABCDE pentagonym

Wiilnerum ¢5* mquiangulum BIKLG defcribere,

4lnfcribe pentagonum ABCDE zquilarerum 3 K1 43
kzquiangulum 3 ducé centrore@as F A, F B,
FC, ¥D, FE, iifque rotidem perpendiculares
GAH, HBI, 1CK, KDL, LEG concurrentes

: inpundils H 1,K,1,G. Dicofaum. Nam

Qa GA, GE ex uno pun@te G b tangunt cirou. b c0.16.3,
hm, coit GA—GE.d ergo ang: G F A — € 2.601.36,
FE. ergoang. AFE—2G F A, codem mo- 3.
‘""ﬁ,‘ AFH—HFB ; & proinde ang. AFB—d 8. 1.
AFH, Sed ang. AF E e—=AFB. fergoang. € 27 3¢
GFA—AF H, fed &ang. FAH ; —FAG ; {7. ax.
Rlatus EA eft commune, b ergo Hi — AG—g 2. 4x.
GE—EL, &e. kergo H é, GL,LK,KI,h36.1,
Hlatera pentagoni quantur: fed & anguli k2 dx.
tham, utpore £ zqualivm AGF, AHF, &¢. du-12.¢0r.32,2
P“) ego, -&c: : . A

F 4 Coroll,

PSP P

cve NI B e s



LD VOCALIILD LTI RIS

Corel.

Eodem padlo, fiin circulo quecunque figura
2quilatera & zquiavgula deferibatur, & ad ex~
trema femidiametrorum ex centroad angulos
du@arum, excitentur linez perpendiculares, ha

rpendiculares conftituent allam figuram toti-
s:m laterum & angulorum zqualivm circulo
dirqumfcriptam.

P R OP, XIII, Prebl.13.

R A In date pensagone
aquilasero ¢ aqui-
enguls ABCDE
NS ¢iroulum FGHK -
feribers. :

Duos pentagoni
angulos A, & Bs
_ bifeca re&is A F,
) B F concurrentibus

c I inF. ExF ducper-
pendiculares FG,
FH, FI, FK, FL.Circulus centro F per G deferl-
ptus tanget omnia pentagoni latera, |
b byp. .. Due FC, ¥ D, F B. Quoniam BA b—BC;
cemflr, latus BF communeeft; &iang. FBA¢ —
da.1, BC,derit AF=FC ; & ang. FAB—FCB.
ehyp.  Sedang. FABe— L BAE e—3 BCD. ergo -
o ang, FCB—{ BCD. codem modo anguli tota-
les C, D, E omnes bife&i funt, . Quum iéimr'
£ 13. 4, ang. ¥GBf—FHB, &ang. FBH ——FBG, & -
g136.5. latus FB fit commune, -g erit PG==FH. fimili-
ter omnes FH, Fl, FK, FL, FG zquantur.: Ergo
circulus centro F per G defcriptus tranfic per
bar16.3. H,L, K, L; b eangirque pentagoni latera, cum
anguli ad ea pun&a fiat re&i. Q.E.F. o
‘ " Coroll.

Hiuc, fiduo anguii proximi figurz zquilates
rz & zquiangula bifecentur, & a puno, in quo
coeunt linez angulos bifccantes, ducantur {:n&z

oz

a9, 1. B'
- H\



Liber 1V, : 9

linex ad réliquosﬁ 122 angulos, omnes anguli
figurz erunt bi(e&i.g‘l Bn e

B Sibol,
Eadem methodo in qualibet figura zquilatera:
& ‘zquiangula circulus deferiberur,

P _R 0 P. X1V, Probl. 14.

Circadatum Pemazonum aquilaterum ¢ equi-
;:rgulum ABCDE cireulym- FABCDE defsri-

(3

Duos pentagoni angulos bifeca re&is AF, BF
concurrentibus in F, Circulus cenro Fper A
defcriptus pentagono circpmfcribitur,
* Ducanturenim FC, FD,FE, # Bife&i itaque a ¢17.13.4,
funt anguli C, D, E. bergo FA, FB, FC, FD, bé. 1.
FE 2quantur, ergo circulus centro F defcriptus,
{)et A, B, C, D, E, pentagoni angulos tranfibit,

Schol.

Eadem arte circa quamlibet figuram zquilas
teram & zquiangulam cieculus defcribetar.

e PROP,
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v L VO ILE AL D AWVIPVINNOT NTIS
PROUP XV, Prebl, 13.
A Indate circulo GA-

BCDEE bexsgonam,
\ F & aquilssernm ¢ o~

centrum G defcribe
circulum, qui datum
fecetinC, & E, duc
diametros CF, E B,
junge AB, BC, CD,
DE, EF,FA, Dico
fa&um,

AYA

\/

2T, Namang.CGD4—4 2Re@.4=DGB b—
b1g. 1. AGFb—AGB.cergo BGC—% 3 Re&.—FGE.
coor.13.1] dergoarcus ¢ & fubtenfe AB,BC,CD,DE,
d26.3. EF=quantur, Hexagonum igitur zquilaterum
€29.3. eft: fod & 2quiangulum f quia fingulicjus an,
f17.3. guliarcubusinfifunt quatibus, Q.E.F.

Corsll,

1,Hinc latus Hexagoni clrculo inferipti femi=
diametro zquale eft.

2. Hinc facile wriangulum zquilaterum ACB
in circulo defcribetur.

Schol. Probl :
Avd.Terq..  Hexagemum ordinasum fuper dasarefa CD ity
a1t conflrues. aFactriangulum CGD aguilaterum
' fuperdata CD. centro G per C, & b deferie
he-cDirculum._ -Is capict Hexagonum {uper data

CD. o

P

PROP.

quisngslum ABCD=
EF infcribere,

Duc diametrum
AD; centro D per
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Liber 1V. 91
PROP, XVI. Prbl. 16,
A

Inditocipculs AEBC quindecigonum aquita:

KTim ¢ aguinngnium iferibere.

- Dato éitculo & inferibe pentagonum 2quila- a 11, 42
trum ABFGH 4 b {témque tritngulum zquila- b 3, 4.
tetim ABC. erit BF latus quindecagoni qufiti,

Nam arcus ABceft 4,vel ; § peripheriz,cujus c conffr.
AF et 2 yel 5 ergoreliquus BFE—, § periph, '

trgo quindecigfmum, ctjus latus BF, zquilate-
romeft s fed & zquiangulum,d cum finguliejus d 27, 3,
anguli drcubus infiftant 2qualibus,quorum unut i
Quilqueeft 44 totius circumferentiz, ergo, &ey

. Schol., T
Clrculus di- C4,8,16,&c.pet 6,4,& 9,1.
viditue Geo-_)3,6,12 &c.per 15,4,89,1
Metrice in ")§,10,20,&c.per 11,4,& 9,1.
partes 14,30,60,8¢.per 16,4,& 9,1,
Caterum divifio circumferentie in partes datas
ttiamnumdefideraiur;quare pro figurarym quas
rumeungq, ordinatarum conftrulionibus fzpe 2d
mechanica artificia recurrendum eft, propter
quz Geometr praQici confulendi funt,

L1B.
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LI1B V. -

Definitiones.
SN Ars eft ngnlﬁxdo magaitydinis

sy b}

2L titur majorem.

AL, Multiplex autem eft major
minoris, cum minur metitur ma-
jorem.

I11. Ratio eft duarum magpitudinum ejuf-
dem generis mutuz quzdam fecundum quantis
tatem habitudo.

In omni ratione ca quantitas, que ad alidm re-
fersur dicisur ansecedens raionis;es vero ,ad quars
aligreferur, comfequens vasionis dici foles. uzin
rationc 6 ad 43 mmdl:xu eft 6,'¢ comfequens 4.

otao .

Cujufque rasiomls quantisas inmose[cis dividendo
antecedemiems per confequeniem. ut rasio 124d §
effersur per 1% isem quansitas ravionis A ad B cff
£ Quare non raro brevisatis caufa, quansisates
rasionun fic defignemm, §‘. o, vel—, vl 3 g_ $
boc eft rasio A ad B majoy eff ratione C ad D,
velei agualk, vl minor, Quod probe animad.
vertat, quifgui bac legere voles!

Rasionis, five proportionis [pecics, 4c divifiones
vide apud interpreses, S

I V. Proportio vero eft rationum fimilitudo
Rettim que bic versitur proportio, proportions-
Litas, frue analogia dicitur ; mam proporsio idem des
mosar quod ratio, us plerifque placce.” i
~ V. Radionem hahere jorer fe magnitudines
dicumtury quazpoffunt mukhiplicatz fe mutuo
fuperare, . ' ‘
VLIa

minof majoris, cum minor mey




Liber 1,

E, 12, l A, 4. B,8,]1G,24. VI. Ined:
F,3e. 1 C,to. D1y, | Héo, dem ratione

, : magnitudines
dicuntur effe, prima A 4d fecrindam B,& tertia

Cad quartam D, cum primz A, & tenizC.

zquemultiplicia E, & F i fecundz B, & quanie
D zquemultiplicibus G, & H, qualifcunque
fit hec multiplicatio, utrumque B, F ab utroqué
G, H, vel una deficiunt, vel una 2qoalia funt
vel una excedunt,fi ea fumamur E,G 5 & F, H
quz inter fe refpondent,

Hujus nois eff ::, ut A B2 C. D, hoc eff
A e B, ¢ C ad D inecadem (uns rasione. ali=
quando fic fcribimm 2. — < id eff,A.B :: C, Ds

VII, Eandem autem habentes rationem (A,
B:: G D) proportionales vocentur.

E,z30.]| A,6,B,4.] G, 18, VIII, Cuam
F,60.1 C,12.D,9. 1 H,63. veto zqilemuly

tiplicium,B mul.
tiplex prim#® nfagnivadink A exceflerit G mul-
tiplicem fecundz B ; ac F multiplex tertiz C

son exteflerit H muitiplicem quantz D tunc.
prima A ad fecundam B majorem ratlonem -

babere dicetur, quam tertia C ad quartam D,
Si 2 o o meceffavium non off ex bac definitio-
8, us E femper excedas G5 quum F minor ef
quem H ; "(ed concedisur boc fieri poffe.
. Proportio autem in tribus terminis pau-
cffimis confifit. Quorum fecwndm eft inflar
worum. :

X. Cum autem tres magnirudines A, B, C
proportionales fuerint, prima A ad teriiam C
duplicatam rationem habere dicetur ejus, quam
habet ad fecundam B: at gium quatuor magni-
todines A, B,C,, proportionales fuerint, prinva
A ad quartam D uiplicitam rationem ;\labcve

’ cetur

93
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EUCLIDIS Elementorsm

dicetur ejus, quam habet ad fecundam B; &
femper deinceps uno amplius, quamdiu propor-
tio extiterit,

Duplicass ratio exprimisyr fie .:. —_ .‘% bi. Ko
eft, ratio A ad C duplicasa cff rasionis A ad B;
Triplicass ausem fic ‘i‘). = gter. id elt,rusio A ad
D sriplicasacfi vasionis A «d B,

- denssas continue proporsionales. ut A, B, C,
D ; item 2,6,18,54 funt =

X1, Homologz, feu fimiles ratione, magri-
tudines dicuntur, antecedentes quidem antece=
deardbus, conlequentes vero confequentibus.

WhiAB:C.D;tamA ¢ C,quamB ¢ D
bomoleza magnisudines dicumsus. :

Kll. Alerna rado, eit (umptio antecedentis
ad antecedentem , & confequentis ad confe.
quentem. .

#1fit A.B:: C. D, ergo alserme, vel permn-
tando, velvicifim A.C :: B.D. per16.5.

Inbac definstione, 5 §. fequentibu imporuntur
Nomina {cx medis argumentandi, quibus mashema~
sici frequenser utuntur ; quarum iRasionum vi k-
mititur propofitionibm suju libgi, que inexplicas
sianibgs cisantur. -

XLIL Ioverfa ratio, eft fumptio confequen-
tis ceu antecedendis, ad antecedentem velut ad
confequentem,

#sA.B::C.D, ergoinverfe, B.A:D.C,
percor. 4,5, i

X1V, Compofirio rationis, eft fumptio ances
cedentis cum confequente, ceu unius, ad ipfam
confequentem, -

#tA.B:: C. D.ergo componendo, A+ B, B 2
C+D.Dper 18 5. ¢ . ’ : '

XV. Divifio rationis, eft fumptio excefius 5
quo confequentem (uperat antecedens,ad ipfam

#s

. confequentem,



Lwer V.

Ut A B:C.D, ergo dividendo, A-B.B::
C-D. D, per17.5.

XVI, Converfio rationis, eft fumptio ante-
cedentisad exceflum, quo fuperat antecedens
ipfam confequentem, 7

#t A. B:: C, D. ergo per converfam vationem,
- AA=-B C, C- D. per cor. 19.5.

X VII. Ex-zgualitate ratio eft, fiplures
duabus fint ‘magoitudines, & bis aliz multitue
dine pares, quz binz fumauntur, & in cadem
ratione; cum ut in primis magnitudinibus pri-
ma ad nltimam, fic & in fecundis magnitudini-
bus prima ad ultimam fefe habuerit, Vel aliter ;
fumptio excremorum, per fubdu&tionem medio~
nm, :

- XVIIL Ordinata proportio eft, cum fue-
. 1t quemadmodum antecedens ad confequen-
tem,ita antecedens ad confequentem:fuerit eci-
am ut confequens ad aliud quidpiam, ita confe-
quens ad aliud quidpiam.
. HsfiA,B:: D.E.ites B.C 2 E.F, eritex
aquo A. C:: D. F. per 22,5, ‘
*X1X:, Perturbata autem proportioeft ; cum
tribus pofitis magnitudinibus, & aliis, quaz Gue
his multitudine pares, ut in primis quidem
maguitudinibus fe habet antecedens ad confe-
quentem, ita infecundis magnitudinibus ante-
cedensad confequentem ; ut autem in primis
magnitudinibus confequens ad aliud quidpiam,

fic in fecundis magnitudinibus aliud quidpiam

ad antecedentem.

#sfi ALB::F G, item B.C 2B, F, erit ex
equo perturbate A. C ::E. G. per 23. 5.

XX. Quotlibet magnitudinibus ordine pofi-
th, proportio primz ad ultimam componitur
ex proportionibus prime ad fecundam, & (e-
cndz ad certiam, & tertiz ad quartam, &itx
deinceps, donec extiterit proportio, si

nt

95



96

a3 £,

EUCLIDIS Elementorums

Sint quomzndue A, B; C, D; exhac &cf,

A_A_'B
P=3+crie

Axioms,

Equemultiplices eidem multiplici,funt quog;
inter fe zquemultiplices,

PROP I

A G HB , E
C 1 K D F
e emod e esremnd.  gretm——

81 fime quoscumque magnitudines AB, C D;
ustcungue magnitudinum E, € agualium numero,
;ngulg' ingularum,aqueniulsiplices ; quam multi-
plexeft unim B una magnitudo A B, tam multi-
plices cruns ¢& ommes AB—+ CD omnium E—+F.
Sint A G, G H, HB partes quantitatis AB
iph E Zquales.item C I, 1 K, K D partes quanti.
tatls CD ipfiFpares, Harum numerusilla<
rum numero zqualis ponitur. num igicur
AG+Cl ¢—B~+F; « & GH+IK—=E+F;4&
HB+KD—B~+F, liquet AB~+-CD zque mul-
toties continere E-+F, ac una ABunam K con=
tiner, QE.D,



1-H]
Bl gl
AC D

BG ponitur zqualis n

“Liber V. -
PROP IL

Si prima AB fecunds'C gué
fuerie mubsiplex, atque sertia DB
quarsa ¥ 5 fuerit autem ¢ quims
BG fecunda C aque multiplex
asque fexra EH quarte ¥, eris ¢
compofisa prima cum_guinta (AG)
fecunde C aque mulsiplex, atque
sertia cum fexta (DH) quarte F.

- J 7. Nuomerus partium*in A B ipfi

 C zqualivm ®qualis ponitur nu-
mero pariium in DE ipfi Fzqua-
lium. Item numerus partium in

‘ ergo numerus partium in AB+BG zquator nu-
“  mero partiumin D E—+ E H. hoceft t0ta AG

zquemultipl

PROP. IIL. |
Sit prims A fecuida B aque-

mulsiplex, atque sertia C quarte

D s fumantur autem EL;FM eque-

- M mulsiplices prima_¢9° sertia 5 erie

@ ex qquo, [umptarum wraque
uwrinfque equemultiplexs alicrg
quidem E\ fecundz B, altera ax-
tem FM quaste D, - .

Sint EG, GH, HI partes
mubipiicis E1 ipi A pares;
item FK, KL, L M partes

' ex eft ipfius C,atque tota GH ipfis -
» u5F, QE.D, v

umero partiomrin EH. 423, ]

a Harum numerus illarum nu. abj‘i

mero zquatur, Porro A, id eft

L
K
} Jmultiplicis FM ipfi C xquales,

EG, vel GH, vel GI ipfius

éABE_'CDB ponitur  zqucmultiplex  at-

i 7L -
2
e
. .’.G.
f
!
' '

)

qQue C, vel FK, 8¢, ipfius D,
G~ : Bergo

e Ll el

oo



ba.§.
€39,

33"0

bhyp.

,l&ﬁm B, quam FM (

o & o Lt & AT A NP  BebQIROLIN VT WV

b ergo EG+ G H zquemultiplex cft fecund2
B,atque FK+KL qﬁanc D. ¢Simili argu-
meato ELl (BH + lk) tam multiplex eft

L+LN) ipfim D,

o &y &0

'PROPD. IV.

- Siprime A ad [ecumdam B ean-
dem babuerit ratiowem, ¢o° tertia
C ad quartamD 3 etiam E ¢ F
5 aquemalsiplices prime A, ¢ scr-
5ia C ad G, ¢ H aquemulsiplices
fecundg B, € quarte D, juxsa
zxuuruh multiplicasionem, eandem

abebint rationem, fi prout inser fe

d.‘[ I :(vc po(;;d:c:n;., Hit)a fumpta fuerins.

J
md

d Sume [, &K iplarum E,.& F 5
IEABG Liitem L & Mipfarum G, & H »-
KFcDH M quemultiplices, ¢ Erit 1 ipfius A
T I I 1 zquemulriplex atque KipfiusC 5
4 pariterque L tam wmultiplex

iphius B quam M ipfius D. Itaque

5 cumfit A.B b C.D; juxta 6
1 def. 61 c,—,=3 L;conlequenter
pati modoK &, —, -2 M. ergo

+ cum [, & Kipfarum E, & F fum-
pta fint- 2quemultiplices, arque
| L,& Mipfarum G & H;erit juxea

*2.def E.G :: F.H.Q.E.D.

Corell,

Hinc demonfirari folerinver[a ravio.
Nam quoniam A.B:: C. D, i E~,—,

c6.def.s. G, ceritlimiliter F -, —, =2 H. ergo liquer,

dé.def.s, gcrgo B,A:D.C, Q.E\D.

wod G —, —, = E, efle Hcy, =, F.

PROP,

s .
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PR OP: V&
e} > freey  Simaghttuds AB
G A__ _oap Bmgl”;ﬁinhn CD,

€ EDT sue fuerie mulsis
plexc, atqueablera KF ablass CF 5w igs .

EB rgiqu FD isa-mulsiplex erit,us tosa. AB sesi~
uC o .

Accipe aliam quandam G A.qug reliqux FD S
ita fit mulkiplex, atque tota‘AB totiss CD,vel . ., .
ablata A E ablaiz CF.dergatoia GA+AB 4 4 £
totius C F + F D 2quemnitiplex eft, acuna AE’ :
unius CF,hoc eft,ac ABipfius CD b ergo GE==
AB ¢ proinde, ablata communi AE,; maset GA
—EB. ergo, &¢. - o :

PROP VI
o Si dug'maghisudines AB,CD dus-
| rum wmaggisudinum E, F fint aque-
B multiplices 5 ¢’ desvadle quadam fin,
AG, ¢ CH,carunidem E, & F aque-
H{ mulbsiplices ; ¢ rcligue GB, HD
1G eifdem E,F aut aqualcs funt, aut aque
|} ipfarum mulsiplices.

Nam quia numerus partdum in
] A B ipfi E zqualium ponitur 2qua- 3
lis numero partium in C D ip6 F :
2qualium’ ; item pumgrus partium
] in A G 2zqualis numero partium i
A EFc CH.Ghinc AG,inde CHdetra~

hatur, 2remanet numerus pastium 5 3. 43
inreliqua G B 2qualisnumero partivm in HD, ’
ergo fi GB fit E {emel, erit HD etiam Cfemel, '
fi G B fit E aliquotics, erit HD eiiam € coties
accepra. QE.D.

bé. a%}
€3. 4%,

G1 PROP;



I8 LV OCLIDULIO Euumentorum
PROP VII-

c-— F r—t—~—¢'Bad wn-

B——aE ———t—— dtmCeandom

bebens vavisvem; ¢ eadess C ad equales A ¢ B,

Sumactur D & B zqualium A & B xque.

multiplices, & F utcunque multiplex ipGus C;

26.4x. aerit 'E)::E. quare i D~y —, =3 F, erit fimi-

b6.def, 5. bitet Ec~y =, aF. bergo A, C:: B. C. inverfe
5 “ro + ,0 "im" CaA [ X1 CIB. QE.D- *
Scbel. _

Sl loco multiplicis F fumantur dose a2que-

- multiplices, codem modo oftendetur xquales

" magnitudines ad alias inter fe 2quales candenm

habere rationem,

PROP. VIIL®

. ualium magnitudimum AB,AC,
FIB major AB ad candem D majorem raie-

H nem habes,quam minor AC, Et cadem
le D adminerem AC majorem vasionem:
Rt babet, quam ad majorem AB. :
[ Sume EE, EG, ipfarum AB, AC,
-1 1 | xzquemuliplices, ita ue EH ipfus
&b A Dmultiplex, major fit qusn E G,

continget, fiveraque EG, G F mae
jores accipiantur ipfa D.)’ Liqaed

. JE juxta 8. def, 5. fore ".‘Ja. r'%‘.{; ac.

© D D
AE KT Quz E.D,
. Rutfusquia IKcHG, at IK— HF (ue
d 84def. «, prius didum) d erit 2 - 2. QED.

PROP,

at atinor quam EF. ( Quod facjle -



Lsber V. L s IAX

PR'OP, IX:
- Quead candem candcm -babens vatio-
I nem; equales (uns mser fe. Esad-quases-
dem eandem babee rmoueme guoque ﬁau
’ inter [c aquales. ' - .
11 1, Hyp. Sd:A.C BC.dimA::B’
ABCNam fic A Co, vel 0 B, & egit idgo 3 8.5]

) -q C-’ vd'_;v-l " contra Hyp- IR .
"3, H]p Sit Cv B C. A, dico-A==By- ‘nim
Gt A-B, bergo < c-»- « cofita Hyp “? b8

‘H PROP X' °.- v?f‘vh‘bd
ad candemm mudmem rationem b’z-
mmu,quz mimm ratignem habet, 1
m]orc : ad quam vero cqdem m)orcn
C [ rationem blbcr, ills minor eff, "

s+ ABC LHpp.Sit & & .;-5.. choAx:'BNam
v Sdicarue A—B, se01e. "A.C3:B.C. contra Hyp, 27. 5.
w SinA=8, beric Lt L.-eam contra Hyp; b8, s
o »Hp Sie £ NS %.. Dico B—1A, Nam dic
i kA cergo C, B-- C.A. contra Hyp.vel dic B c 7 s,
(. TAdergo C. G etiam contra Hyp, 8.5.

Yh.os

[ . Lo R E



. ¢} ] EUCLIDIS Elementsrum

"PROP, %I
@ s anboaae + —J
- B D: - .. F —_—
¢ X e M —
_ Quacidem fxm codem raviency, ¢s° inter fc fun
*e tdg-, PR
‘ SitA. B E.Fieem C, D¢ E, F.dicoA. B

¢ 32 C.D. fameipfapum A, C, B zquemultiplices

- G,H,; atque ipfarum B, D, F 2quenultiplices

abp. K,L,M Etquoniime AB:E F.6Gc, =,
b6. def. 5. 2 K, b erit pari podo L o, =, -3 M. pari--
terque qta 4B, F:: C. D, G =,2 M,

_ berit H fimilfrer o, = %x Lerger fi G, i,
c6.def. 5. -3 K, etle fimiliter Bge, &5, =3 L. cquare.
*AB:CD.QED. ol Ty

) - .‘ R “bb,.fw”-_;::;' f

Quir eifdem rattonibus (e dem rationes,
© 7 - funt quoque toter feerdem.. ¢ o

P ROP. Xil

B c NNV ; IOSSNEIN

v A G B

: B——— D i
K— e Lol oMl

8 fins magnitudines quoteungue A, ¢°B; C ¢2.
D;E, ¢ F propertionales; quemadmodum fe habue-
rit una ansecedentium Aad unam confequentiam B,
ita e babebuns omnes amecedenses A, C,E ad om-,
wes comfequeses, B,D,F. )
Sume aatecedentivm @quemultiplices G, H;’
I;& confequentium K, L, M. Quoniam quam
a1l g,  muhiplexeft una Gunjus A, 4 tam multipiices
. fum dtnfes G, H,I oqefum A,C,E; parite:que
quam multiplex eft una K unius B, 4 tam multi.
plices (uar omaes K,L,M omnium B,D,F, Porrc
bbyp.  obbA,B:C.D::B,FAGr, =, K,erit fimilite
‘ - - . - H



Liber V. 103
Hey—a L, &1 ,=—,—a M, ‘& proinde fi G
=33 K,cm fimili modo G- H-I =

K+L+M.cquare A, B:: A+C+E. B—o-D-c-F c6.def. 5.
QE.D..

Coroll.

Hiuce, fifimilia propbrrionaha firhilibus pro-
portionalibus addamur, tota erunc proyottiona-
lia,

PR OP XIIL

G H 1 —

A ol C E.—
B D F—r

K L M

Siprima A ad {ecundam B candem babueris ra-
tionent,quem tertia C ad quersam D,term vere C
4d quarsam D majorem babucrit rationem, quam

guhm E ad fextem E;prima quoque Aad fecundam
majorem ‘yarionem babebis, quam quinsa E ad
fextam F.

Sume ipfarum- A, C, E zquemulnphces
G,H,L; :pf:lrumqueB D F zquemultiplices
K,LM %mAB.( s AHC L, aerit a6, def.s,
GoK, Sed quia 'G r:'-— s b fieri po:cﬂ ut fie b 3. def. 5.
HL, & 1 non M crgo ﬁeri poteit ut
GeK,& Inon =M ¢ ergo 2.c =+ QED. 8 df.s.

G CHOL. ’

Quod fis =3 .... erit qquue & _. Item
A g-._r_-...,crit-:-! &f._-p.-—; F"
entf"ﬂf =T :

G4 PROP.
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a8.s.
bhyp.
c l" s'
dio.§$.

a byp-
ba g
€1z, §.

EUCLIDIS Elem:ntorum
PROP. X1V,
Siprime A ad fecuwiom B candem
]l babueris rasioncm, quam sersia C ad
usrtam D; prima vero A, quam tertia
. C major fuem,em ' [emlda B majvr
fuam quarta D. Quod f prima A fuc-
rit aquelis sertia C, evie ¢ f¢cumda B
aqualk quarte D 5 ﬁ vers A minor, ¢
B minor erit,
1 Su A:—C cergo ._:'.S bled

A BC pi e C .eergo -:- dCI’gOBC‘D' |
‘Simili argumento fi A'1C d cri: B—D. Sin
ponatur A—C ; ergo C. Be: A B f:zC.D
g ergo B—D. Qqa E.D.

. SCHOL

Afonlori fi ._": ....', atque AcC, et .

B=—D. Item i b——B er't (=D, Eifi Ar,
vel2E, erit pariter Cr_—, vel—2 D.
) PROP XV,

Partes C ¢5° E cum pariter nmlnph-
cibus AB,¢s* DE in eadem |urt razione,
“ Fprout fibi vemtuo refpondens,ita [umu-
G |H . (AB.DE:: C.t.)

T . Sint AG, GB partes multiplicis
ABnprzquale' item DH, HE

nes muhipifcis DE ipli F zqua-

s. 4 Harum numerus illarum nuge-
to Zquatur, ergo quum b'AG.DH
..C.F :GB, HE.cesit AG=GB
(AB ) DH+HB (DE) % C.F. QE.D. !

PROP



Liber V.

PROP, -XVL

El : Sl [t
B— D—
Fi Hj -

81 quatuor magnitudines A, B, C,D-proportios
ndles fuering 3 ¢ viciffim proportionsles cruns,

(A.C::B.D.)

Accipe E & F 2quemultiplices ipfarum A
&B. iplarumque C & D zquemultiplices G.&
Hlaque EFa:: AB.b:: Cba:: G.H.Qua- 214, 4)

rehEc, —

—, ™2 G, cerit fimiliter F o, —,=
H.dergo A.C:: B.D. QE.D. K
§CHOL.

Alterna ratiolocum tantum haber,

quantizates ejufdem funt generis, Nam Heteros
genex quantitates non comparantur,”
' P

N

<~

i[

,Kr-|
£ |

I

ot

T,

O P.. XVII,
8i compofite  magnirudines

?rgmiqgalu fuerins( AB.CB

E FE;) ba quoque divife
proportionales cruns. (AC.CB
1t DEFE.) o

Accipe GH, HL, IK, KM

| ordine 2quemuitiplice. ipfa.

rum AC, CB, DE, FE. jtem

LN, MO zquemdltiplicesip- -

farpm CB,FE. Tota GL tori.

‘10§

bhyp. |
Cll.fﬁ B
‘ 14:5.

quando d6, de}

~

e
S

3

us AB aram multiplexeft,ar. ¢ >
quam una GH unius AC,b id b con; y¢
eftquam IK ipfius DF 5 2 hoc ¢ 1, 5.

eft quam rota IM totiv: DE;
Item HN (HL<-LN) ipfius

CB d zquemubciplex eft,d2, 53

2acKO (KM~ MO) ipfius
FE. - Quunt igitir per byp,

i 1 ! AB, BC:u DE £F fi
A D .]v‘(;[‘_‘:—’z,"j HN, etiam fi-

miliger



I00 EUVCLIDIS Eiementorum

e6, def. §. wiliter eerit IM,—, 1 KO. Iraque ablaris
binc inde communibus HL, KM. fireliqua GH

fs.ax. ©,—,3 LN, feri: fimiliter IK~,—, 2 MO.

g6.4ef. 5. gunde AC.CB :: DF.FE. QE.D. :

: PR OP XvIIL

T Sidivifa magnitudines fint proper-

F tionales (A B.Bé: ::DB.EF,)be :uo-

L1 | G que compofice preportionsies crume

B T (ACCB:DFFE.)

E Nam fi fieri potett, it AC. CB;:

aty's, T DF FG-2FE. 4ergoerir divifim

bbyp& 1. +G AB.BC::DG.GF. bhoceft DG,
: GF :: DE. EF. ergo cum DG = DE, -

s AD CokOFEERGE A Smi:
dg.ax,  abfurdum d fequetur,fi dicatur A C,CB :; DF.
"7 GFeFR. ‘ §
PROP. XIX
c §i quemsdmodum to-

A————j——-B- tumABadtotumDE; . ;

F E jta ablatum A C [eha-

D — buerit ad ablatum D F,

- ¢ reliquum CB ad reliquum FE, ut tosum ABad
setum DE, (e babebis. ,

abyp. - Quoniam ¢ AB.DE :: AC.DF, berit permu.

bi6.$. tando AB. AC:: DE. DF. cergodivifim AC,

¢17.5. CB: DF. FE. quare rwfus b permutando AC,
dbyp.&11. DF::CB.FE;dboc eft ABIzDE::CB.FE.Q.E.D.
Coroll.

5 ) 1. Hinc, fi fimilia proportionalia fimilibus
proportionalibus fubducantur,refidua erunt pro-
portionalia, L :

‘2. Hing demonfirabitur converfavatio.
Sit AB. CB :: DE. FE, Dico AB,AC :: DE.
216.5. DF.Nam 4 permutando AB.DE :: CB.FE.ber-
b1g, 5. _goAB.DE:: AC.DF. quareiterum peimutins
.doy AB.AC :: DE,DF, QE.D, L

PROPD.
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. Libor V. = ‘107 .
PROP. XX '

i fint tres mgmulnm A B
Cs ¢ dlieD, E ,F iyjix
numCere,que bm. (y‘ in alm r
sione fumantur (A.B :: D.E. n— ,
qic B.C:: E.F;) ex aquoantem = <
prima A major fuerit, quam tertia
C; erit ¢ quarss D major quom
fexta ¥, Quod fs prima A 1ertie

EF Cfuerit aqualis ; erit € quarta

D equali fexte E.sin ille miner,

8¢ quoque minor Cﬂf

Hyp. St Ac-C. ‘quoniam- 2 E.F =: B. G, abyp.
berdeinvetfe F, E:: C.B. ¢Sed ...-;\“ dergo beor.’s. 5.

-—-—_1-§-vel....cergoDr:-F QED z ;

by &

2. Hyp. Simili argumemo 6A-,1C often- d {cbol 13.

demrD‘:F 5.
‘3. Hyp. StA=C, quomamF ExzC.B:: CIQ-S-A
fA.B: DEgem\D——F QED. . "ty
) ’ gl’ls-"«.
: P R OP XXI . 3

|

E F E major, Quod fi prima fucris ser-

si fiat tres mdgmudm: A, B,
'C; & alia D, &, F ipfis cqulc:
mnere que bma ¢’ incademra-~
mmfumamur fueritg, pmurbua
carum proportio, {A.B::E F. as-
que B.C 21 D, B;) ex aquo sutem
1 prima A quam sertia C major fu-
eris; evit ¢ quarta D quanm fexia

tiaaqualis,crit ¢ quarts ¢gluli‘

{m« Pn illa minor, bac quoque minor eris, -

1. Hyp. A C. Quonjama D E1:: B.C, abyp,

juvertendo evit E. D:: C. B, aiqui _hA by

¢ ergo



AV0 o VOLIDIY EiCMIRBLOYST
e febol13. ¢ ergo £ 2, boc cft & d ergo D F

d10,5, QED
5. 5 H]p Simlliter,  A~3C, erit D F.

3. Hyp. Si A ==C, quonjam E.De:C. B

7. . ¢AB:fE F gerit D—F, QE.D.
4y PR OP: XX[IL
§i fme gustcungue mags
l D.E.&8.C:EFR) ¢
ex agualitate iy eademra-

Di YO tione eruns (A C :: D.R)

_89; s

lpﬁ: gquuu nuncn D,E,
qua bine ¢ in ulel
umn ]uuunmr (A.B:

L

A,D;& K ipfarum B,E;
-l item Ly MipfarumE, F

| zquemulriplices.
Bl Quoniam # A, B :: D.
J E.beritG.1 :H.K.eodem
4+ 4 L modoerit I .L:: K.M. er-
L ge iGcy—, =2 L,ceric
: .o, —=,"3 M;dergo A.
1 C::D.F. Eodem pa&ofi
1 witerius C.N :: F,O, erit
+ exazquali A,N:: D O.

QtE D

nitudmes A B, C; ¢ alia.

HRKM  AcipeG, H ipfarum .
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. Liber V. . 109
PROP, XXILIL:

] " 5ifint tres magwitudines A, B

] C,akiags D,E,F ipfis aquales muz
mero, qife bine in cadem rasione
, - fumantur; fueeit autem perturhata
carum proporsio. (A.B:: E.B. &
l‘ B.C :: D.E.) esiam ex gqualitase -
DE F ineademrationcerunt A.C::D.F,
K g

[

=
-0

M SumeG,H,lLipfarum A,B,Dj;

itemK, L, M ipfarumC, E; F
zquemultiplices. eritG. H 222

1 A.Bb::E.Faz L.M.porro quiaa 15.5,
bB.C:u:D. E.erit¢ HI:K.L. b byp.
ergo G, H, K; & [,L,M habent ¢ 4.5,

fe juxtazl, 3. quare i G,

| ==, K erit fimiliter [m==2

| M.d proinde A.C::D.F.Q.E.D. ds, def. 55

L Eodem modo fi plures fuerint

. magnitudinibu, tribus, &,
. (oroll, '

omp fi-as ( ffointer fe eafdem, item, earun- S; ¢’ 20, ,
dem ratjopum €afd € partes inter fe eatdemefle, ch. 4.
PROP, XXIV.

A——- i giprims A B ad fecundam
(——..B @ C candem babucris rationems
... quamscrtia DE ad gquartam
F—__..'B W Y,kabuerit auscmi ¢ quinta

8G ad fecundam C esndem rationcm, quam fexea

EHad quartam® § ciam compofita primi cum

®i%a (AG)ad fecr.ndam C candem bibebis ratioe
m,quam tertia cum fexta (DH) ad quartam ¥,

Nam quia g A B. C:: D E. F.atque exhyp. 2 byp.
Yinverfe C. BG :: F. EH, eric bex mquali AB. b2z, %,
BG: DE.E H. eigo componeado A G. B G )
“DH,EH.citem Bg.c.:: EH, E. b ergoturlus ¢ byp

| H2quo,A7.C :: DIL F, QE. D,
\ .

i

PROP.

Ex!}l:;s fequitur,rationes ex iifdem rationibus *¥22.¢9"237
H

. e



abyp.
b7. S.
c19. §,
dbyp. -

14,
,'

L'ULLAI AT L&D LESWISTIHYTNIT
"PROP. XXV. .

B 81 quasusr magaitudines propertio-
ule:junm(AB. CP ::EF.) ma-
D xima AB (o' misima F relignk CD
G ¢’ E majores erune,
Fiant AG—=E;& GH—F,
L niam AB.CD ¢ E.Fb:: AG.CH.

cerit AB. CD:: GB.HD. d fed .

ABCD. eergoGB - HD. atqui

AG+F—EBE +CH.ergo AG+- F+ ~

cEl' GBB~+CH-+HD, boe cft AB + .

F~BE-+CD. QE D.
Quz fequunrur propoﬂdons non funt Eu-
clidis;fed ex alfis defumptz, ob frequentem ez-
rem ufum Euclidaris fubjungt folent.

PR OP, XXVL

A————C —  Siprims ad fecundem
B D babucris majorem pro- ..
E—-————-—— portionem, quamsertia ad

tam ; babebit conuertendo, fecunda ad primand

i ninm- yropormmn, quam qrum ad tereiany,

ar3.9.
bio ¢.
c8.¢.
deor. 4. 5-

110, 4,
b8, 5’
Cl..s

Sie £ S Dico £.-3 2. Nam contipe
—-E-nrgo —-c-—...bquare ArE. ¢ergo -
jl’ dvel 2 ~,QE.D,

PR ODP. XXVII

&
)
B
5
A

R

Ao C——v—  Siprimaed (ecundani »
B D babueris majorem pre.

Em——— portioncm,quam tersia ad *

- ~quartam; babebis quogue vic iffim primaad sertiam

mqomn mpomoucm, gum fecunda ad quaream,
SigA TS Dnco—!r' 5+ Nam puta E_ g_

tﬂgoA:-E.bergo --c:'-,cvel L. Q. D
. : PROP:
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PR O P, XXVIII,
Qz:Bd
/ A ’ .
(i 8iprima ad fecyndam babucrit majorem propor~
waem, guamscrtia ad quartam s habebit quogue

C mpefsea prima cum fecunda ad fecundam majorem
I\ pOTsionem quan compofisa tertia cum quarsa ad

2 qotam. .

;G A3 __DF . AC __ D7 .

o Sit A= Dico 25—, Nam cogita
ke rLF £C rLF g .

- G

. Z :[LJTC: aergo Ab— GB./ adde utrinque BC, 210, §, .

e

BT . g b

y berit ACC-GCC. cergo :—f::-‘bif. d koc c{ll‘_;:_ cg’:"
" QED, o dids

PR OP. XXIX,
G:>'.Bd ,
. A D EF

.1 81 compofisa prima cum fecwnda ad [ecundim

5 Wjtrem babueric proportionem, zumm compofies

v ¥ cum quarea ad auarsamshabebit quoque divi-

. dndo prima ad (ecundam majorem proporsioncms

. miersia ad guaram. :

Sig AC — ve ico A%~ DE ellige

. ccu = 2, Dico oz Tnxellig

,‘ E= gergoACr G C. aufer commune 3 yo. ¢,
: A7 __G? DE by, ex.

! BC, berit AB~GB. ¢ Cfgob—:rb—cdvd E

c8, 3.
i Qe.D. d17.%
s
= ' , PROP.

DEUTSCHES M1JSEZUM
b.buG K
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abyp.

b2g.s.
€26.%.
418, f

aro. S-
bs. .
cI3.5,
dio.s.
e8.s.
fa.¢.

LEOUOCLIDIO> LEilementorum
" PROP XXX

" ... 8icompofita primg.

’ e ] — C Cum fecunds ad fe.
D I - cundambabucrit ma.

; > jorm proportionem,
quam compofits tere

tia cum quarts ad quartem, babcbn,pcr converfip-
Rem rationis, prima cum fecunda ad primam mines
TCM ratiowem, quam teriid cum guzm ad tertiam,

.’f'!l

_:'z»s

Sic & :- "‘ Dnco_—;\ 5> Nam quia ~

E

-JC‘ bcritd:vndendo_c_—_ ¢ conver.
B .
Ll o componendo

tcndo |guur M—,:,m_. d ergo  comp: .

AC __TF
AC—F QE.D.
PR OP. XXXI

A D sifinstres magmi-
B E—— fudines A, B, C,@s"
C— F— dlie xpﬁ: ¢qul¢.r N
G numero D, b,
Ho—8w—. frque major propor- >

tio prime priorum ad [ccumlm quam prime pofte-,
riorum ad fecundam ( N .._ ; Yisem fecunde pri-
orum ad lcnum m;or, quam {mmdz tofieriorum
adsertiam ( o _.) crit quoque cx aqualitate

. mdjor proportio prime priorum ad ttrtmm, quam

prime poﬂmorum ad tertiam ( c -— )

.

~

Concipe ¢ = r 4crgo B:—G b ergo A i: .

Rul'rus pUll ” : c ergo —j A d ergo fof—

tius .,- T 5 d quarc AcH, cpromdc -—:—
fra X D Q E.D.

\

PR OP,



o v Liber. Vs . . . 'I'I'S
PR OP. XXXII}:
A— D~ i fint tres magwi-
B B sudines A, B, C,¢s
C—— ' Fe, dlie tpj‘: Rumery
G—r eqasles D, B, Fy

H— fisque major propor.
1io primae priorum ad [c:uudm,quam fecunde poy

Beriorum ad mmm( e ... )um fmuu‘ pris
orum ad temm uiy» qum prime pofteriorum
o [uundm( N -.) erit guogue ex cquhmc

,uqor proportioprime priorum ad zcrtmm, quam
prime poﬁcmmm ad tertiam ( A ._ o)

‘ Intellige = --DB. 4 ergo ‘B:—G bergoave.s.
;-. = ._,Rur(us concxpe T= ..,; ergo H A b8, 5.

aquare AcH: blprOInde.— dvel ..afir:;) ?."
QE.D. *

P R O P, XXXur

E i fucrit major propor-

A ik B, u'tm A B’ adp,;:gm

C*—-—'i',"“D CD, quam ablasi AE ad

ablatum CF serit ¢° reli-

qui EB ad yeliquwm FD mejor proportio, quam to-
tims AB ad togum CD.

Quoniam 25 4o~ 42 b erie permutando abyp.
AB . CD em rationis ° 27+ 5+
o T he €crgoper convetfion c3o 5.

AB <D P EB
B3 permutando igitur "'6 e

‘QE.D.
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EUVCLIDIS: Ekmentorum
PROP. XXX1V.

At D —-  Si fint guot-
B— E “——  CuRQue megni-
C—=—~ F . sudines, ¢° alie
Grewome * He——  ° ipfs  equales
mumers,’ fisque major proportio prime priorum ad
primam pofteriorum, quam [ecund.e ad fecundam §
& bac major guan rershe 34 verrlim, (o fic deim-
ceps: U somnes priores Kmuk ad smncs pofie-
rieres fimut, majorem proporsionem. gusm omues
priores, velitts prima, ad ommes pofieriores, reila
‘queque primainrivorem autem, quom prima priorun
ad primars poferierum 5 majorem’ denique ctism,
quam ulrims priorum ad ulsiyronm pofierioraum, -
Horum demonfirasio cft pencs imserpreses 3 quos

e adeaty qubeam deflderas. wok omifimms, brevitaris
© fudioy & quis thorym nylmekfmia bis clomensis.

LIB:

s

PO A

[3
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LIB. VI
Definitiones.

A
D

C

I za72me Imiles figure re@ilinez funt(ABC,
\\&is DCE,) quz & angulos fingulos
? W fingulis zquales babent ; arque
Py Ctiam latera,quz circum angulos
L % zquales, proportionalia.
Ang.B-::.DCE; ABBC:DC.CE
temang. A—D; &tqueBA.AC::CD, DE

denique ang. ACB=—E, arque BC, CA:;
CE, ED. . T :‘
D < II. Reciprocz auten;

H fune (BD, BF,) cumijn
G utrague figura anteceden.-

A tes, & confequentes ratio~
num termind fuerine; (hoc
E F ¢f AB, BG:: EB.BC.).
" YIL Secupdum
A Bextrem:m & me-

diam rationem re&a linea AB (e&a efle dicitur,
cum uUttota AB ad maxjus fegmentum AC, ita
majus fegmentum AC ad minus CB fe babues
k. (AB.AC::AC,CB.,)

' Hz IV. Ali:



116 EUVCLIDIS Elimentorum
A ' M
IV. Altitudo cujufque -
.gurz ABC eft linea perpen. ¢
diculasis A D, 3 vertice A
ad bafim BC dedu@a.
VA VA Coibg
V..Ratio ex rationibas compopi dicitur,cum
rationum quantitares inter fe multiplicatz, ali. -

quam effecerint rationdm,’ \ v N
s rasio A ad C5 vompemitur-ex: yftionibm A
::lc;.d;[.f. ‘JB, @Bad C.nam g- -+ -g a— {- b:gg._} \
T PRQP L ;
Triewgnla - A B C

B A r ACD plullclogrul-’

meBCAE,CDFA,quo-

viom cadem fueris disiu-

) / do, ita fe babens inter fe,

: atbafes BC, CD, 6
L1 - & Accipe quorvis BG,
331 HG B CD IHG, i&ﬁBCzquales;
jtem DI==CD. & coinefte AG, AH,AlL. -
b38. 1. b Triangula ACB,ABG, AGH zquantur ;6
i jtem wdang. ACD— ADL ergo trianguium
ACH tam muitiplex eft trianguli ACB, quam,
bafls H C bafis B C, & xquemultiplex eft tri-
ang, ACI triaagull ACD,ac bafis Cl bafis CD,
cfch.38.1, Verum fi HC oy —, — CI, ¢ erit fimilite
d6. def. 5. triang. AHC -, —,—3 ACL d ideoque BC, *
esl. 1, & CD:r'triang. ABC, ACD::ePgr, CE. CE. 7
5.5, KED g Lo

A‘\ —

{ ~17

Siol. .,
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Schol,

G D AH
B

C IKE MF

Hinc,triangulsa ABC,DEF, s’ parallclogram-=-
ms AGBC, DEFH, guorum gquales fmt bafeq
BC, EF, ita (e habent ut altitudines AL.DK, ~ -

4Spme]L—CB 3 8 KM —EF; acjungea3.1}
LA, LG, MD, MH. liquet efle triang. ABE. by. s
DEF:: b ALL DKM :: ¢ AL DK :: dPgr.c1.6.
AGBC. DEFH., QE.D. S od4n L&

PROP IL - I5. 5.

Siad unum srianguli’ABC
A B, parallcla dufta fueris
reita quedam linea D E, bac
propersionaliter (ecabis gﬁu i
angulilatera (AD. BD :: AE.
EC.) Et fstrianguli latera pro-
E portionaliter felafuering (AD.
BD :: AREC) quead [eifiones
CD, E adjunita fueris reitalineg
DE, erit ad reliquum ipfisa tri=
oxguli Lasm BC parallela. Ducantur CD, BE, :
1. Hyp. Quia triang. DEBa—DEC; berica37.1; ¢
tiang. ' ADE. DBE::ADE. ECD, atquiby. g, °
wiang, ADE. DBE ¢ :: AD. DB, &triang. c 1.60 " -
ADE. DEC ¢:: AE. EC, d ergoAD.DB::d 12, §§
AE.BC. . »
3. Hyp. Quia AD. DB::AE, EC. chocer, 6,
ekeriang, ADE. DBE::ADE, ECD; -
ferit wriang, DBE — ECD. g ergo DE,BCfgo.5, -

funt paralicle, Q.E.D. B,

H3 Schely
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as. 1.
b 32 )
<hyp.
dap &,
€36,
f3. 6.
g£29.1,
hs b
ki1,ax,

EUCLIDIS Elementoruns

“hlu fi tlures D

T mo fi plures DE, FG,

. A adumum late BC pnrd:
lela fusrime, crums ommia
luzerum fogmenss propor-
sionslia,

¢ NawmDF FA«: EG.
GA; & componendo ,

E jnvereendoque FA. D A

::GA.EA; cac DA.DB

C::EA. EC. ergoex zquo

Df, DB :: EG. EC. QE.D. .

Coroll.

\

\

g N

L2

SiDF.DB:: EG. EC; ¢erunt B, DE, FG i

paralielz,
PROP, IIL
8§ sriemguli B A C angulus
BAC bifariem feitm fis, [ccans
axsews angulum rells linea AD
fesucris ¢ bafim, bafis [egmen-
& gandem Dabebuns variomenms

Iu- rel ipfne triamguli
B D ¢ ma‘('%li):..:)CuAB.:\'gC.)
x gaansg sandem babeant rationem quam

oy sedengubilatera(BD.DC :: AB.ACC)
sollalimes AD que 3 versice A ad feitionem D dsa
dimep bifaviam jqcm wisngnliipfim angulum BAC,
. ProducBA ; & fac AE—AC, & junge CB,

3. Hyp. Quoniam AB—AC, crit ang, ACE
#=Eb—3BAC¢—=DAC. dergo DA, CE
paralicke fume, ¢ quare BA. AE {AC) :: BD,
DC. QE.D. .

3. Hyp. Quowiam BA, AC. (AE) :: BD.
DC. ferunt DA, CE panallcle : gergoang,
BAD=—E;# ang DAC g ——ACEJ=E. k rrg.
ang. BADD:_—DAGJ_&Q@ ighor eft ang. BAC

PROP,
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PROP IV 7" .o
' SEguiengaliritn’ trign-

4 glorw ABC, DCE pro. '
A o) portionalia (umt latcra, que " 2 e

circum zquales a#
" DCE (AB.B Dc.
wCE, &e.) ' & lnmologa
B C E]'wlmn AB, DC, &c.
gu» equalibs angulis ACB, E, &c, fubmduntur.
$tarue Jatus BC in dnre&um lateri CE, &
produc BA, ac BD donéc 4 occurrant, aju L&
(thonhm ang. Bb—ECD.cfuntBF, C D 13. ax,
piralielas. Trem '.‘ nfa ang.BCA 6——CED ¢ funt b byp.
‘CA, EF parallele, Figuraigitur CAFDeftca8, 1,
parzllelogr:mma dergo AF—=CD; d & AC
=FD. Liquet igitur AB. AF CD) 0::BC.d 34. 7]
CE. f permuumlol itur AB. BU::CD. CE, 2.6,
ehem BC.CE: FD (AC)DE, fergoper-fo b f]
murando BC. AC:: CE.DE. quare etiam g ex

S s RV W

2quo AB,AC :: CD.DE. ergo, &c, g 5,
~+ Coroll,
Hinc AB.DC:: BC.CE :: AC.DE,
© Schel,

‘Hincfitn tmngu!o FBE ducatur ani hten FF. :
rallela ACj cticnriaggulom ABC Gmiletord -

P'ROP V.
Si duo tri anguls

. ABG, DEF lasera
proporsionalia  babe-

Fans (AB. BC:: DE'
EE. ¢ AC.BG::
DE. EF. item AB.'
AC DE.D

‘ wguls erue tlr? u-‘
,@' dqule: btbebmu €os angulw,[ub quibm
ologd lasers [ubserduntur
, Adlam BE ‘fac;ngg F EG=B; a8 ”{‘; az23. n
: )



(2O EUCLIDIS  Ekmentorsns
b3a. 1. BFG—C, bquire etiqmp G—A.ago

€4.6, GB. EFc¢u:AB . BC:dDBE. EP cesgo

dbyp. GE—DB. lemGF.FRcs AC.CH &::
e11.§, DF. FEeergoGF—DF. Tsjangulaigitur
&9.5. DEF, GEF Ebi mutuo zquilatera funt.. fergo

£8.1. ang. D—G=—A, f&ang. EED—FEG=B. -

a1, oinde & ang. DF—C. ergo, &c. i
&3 th‘ . %.R Q R IVIL E
‘ D Si due_triengule

A .- ABC, DEF unum

h angulum B uni dngu-

lo DEF aqualem, &

E sircum agquales am-

. gulas B, DEF laters

. G proporsionalia babu-

B C “erim(AB.BC::DE,

EF;) equiangulaerunt sriangula A B C, DEF;

aquale|que babebuns sugulos, (b quibus bomeloga

dasera fubtendunsur, . o

L AdJaws EF fac ang. FEG—B, & ang. EFG

ajr 1, —=C sunde&ang. G==A, ergo GE. EFbi:

b4.6, - AB.BCcr: DE. EF. dergo DE —=GE. arqui

< byp. ang. DEFe¢—B f—GEF. g ergoang. D—=G
d9. 5. =—A.b proinde etiam ang. EFD—C. QE.D,
'eb". ‘ . P. VIL .

PR O

fonfir. A LY Angnt

g4. 1, . . ABC, DEF unum an-

b3z 1. : / \ gulum A uni angulo D
G

_aqualem, circa aubem
\ a/fes angulos ABC, E

: Latera . oroptriionalia
B - ¢ E F babears (AP:} BC::

. DE. EF,) religuorum sisem fimul strunque C, F
_Aut.minorem aus non minorem retto, aqui {3

. eruns sriangule ABC,DEF, ¢ afuales babebunt

.6as angulos ¢ircum quos proportionalia fune Jarers,

Namfi fieri peucft, ir ang. ABC—E. fac

ahyp. - . Bius gog ABGE ; ergocum ang, & &b:Ds
, ‘o i erie

L A

Siduo trigagela |

:

“



’ r Liber 7VI. - - = ‘131
le; ‘beritetiam ang. AGB2=F. ergo AB, BG¢i: b3a. 1]
t4 DE, EF:: AB. BC. ¢ ergo BG==BC, fergoc 4.6,
4t -ang. BGC = BCG. gergoang. BGC. velCdlyp." °
iz - minor oft re&o; b proinde ang. AGB, vel Fre-e9. ¢, *
f1 Bomajoreft. ergoanguli C & F non funzejuf- £ 5. 1.
= demfpeciei, contra Hyp, @ sor 1.1

e o : ¢or.13.L
PROP. VIIL

A. . Siinmi restan
* gulo ABC re-
@e BAC in bafsn BC
perpendiculari ADdu @ -
A N\ decff; qua ad perpen-

— dicularem i
B D C ADB, ADC, tiom tosi -
: wrigngule A B C, sumipfe imer fe, Smiliafums. . -
Nam ob angulos BAC, ADB 4 reQos,bideo- 3 byp, -

. quexquales, & B communem, trigona BAC, b1a x,
& ADB ¢ fimilia funr. Simill difcurfu, fimilia fuot ¢ 32 &4.6
" triangula BAC, ADC. d proinde ADB, ADC ¢pid.21.6.

¥ fimilia erupr. Q.E.D,

)= " Goroll.

i Hinct, BD. DA e:: DA, DC. e1, &f6.
| 2. BC. AC::AC. DC, & CB, BA

p “BABD, T . ‘

34 - ST . : i

! ‘-* PROP, IX;-~

Pl [ . :

(i ¢ v A daa rells

. BC s AB in-

. feratam  pariem

3 (AG) auferre.

i Bx A duc

s infinitam AC n:_t-

T;" " cung;,inquagfu- 23, X

i me w25, AD,DE,

) EF zquales ot~

s cunque,



ajLI,

b1.6.

ETVCLI LIS Licmentorurm
cunque, yunge F B, cui ex D b duc pasalielam

‘ UG, Dicota@um,

Nam GB. AG¢u: FD, AD, ergod com<
poneudo AB.AG :: AF. AD.ergo cum AD::;
AF, crit AG=! AB, QE.F

PROP IX. .
Datam re¥am lincam AB
: nfeﬂnﬁuim ccare (in
H F,G,) udase 4 AC,
\ [e&:fum: (inD,E.)
Extremitates fe@z &
A F G BinfeQz jungit re@a BC.

- Hulc ex pun@is B, D « duc parallelas §G, DF

-reQa facandz occucrentes in G, &F. mco fa-
&umn,

& Ducatur enim DH parall. AB. Eftque AD.
DEb:: AL FG, & DB. BCh: DLIH¢ 1 FG.

C;’*‘. &GB- QBF.

70 "

scholium,

Hinc difcimus rectam datam A B in guotyh «-
gualcs partes (puta 5. )e fesare. id quod facilius
yr:lttbxm: fic; ‘-

. Duc



. &SOET ¥V As o 1£3
Duc infisitam AD, ciqueparallelam BH etls
am infinitam, Ex bis ca;e parres mquales AR,
RS,SU,UN;& BZ,ZX XT, TL; in fingulisuna
pauciores,quam defiderentur in AB; wumre@a 233. 1,

ducantur LR, TS, XV,ZN. bz quinquifecabunt b eonflr,
datam AB, c2.6.

NamR L, ST, UX, NZ gparallele funr,
ergoquum AR, RS, SU, UN bzquales fint,
¢ erunt AM;MO, OP,PQ =zquales.  Similiter
quia BZ—2X, erit BQ — QP. ergo AB quin-
quifeta eft. Q.E.F. '

PROP XL .

A 8B linci AB,AD,
A T~ CHcrsiem W"’

g nslem OE invenive.
- - Junrge BD, &
ex A Bprotra@afume BC=—AD, perCducaz, 6;
CE parall, BD. cui occurrat AD produlain E.
Erit DE expetita,

Nam AB. 4BC (AD):'AD. DE. QE.F. . 8¢

¢
Vil fic, fac ang. ABC reQtum,
& ang. ACD ctiam reGum.b erit
AB.BC:: BCBD, S

PROP



|
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ra4

azr 3.
beer. 8.5,

EUCLIDIS Elementorsm

PROP, XIL

. Tribw datis recti lineis DE, EF, DG, quartsn
propertionsiems GH invemire. e
Conne&atur EG. per F,duc FH parall: EG,

cui occurrac DG produ&a ad H.liquet effe DE.
: EF4::DG.GH. QE.F, :

PROP XIIIL

F Dushm dasie rol¥h linch
AB, EB, mediam phogortio-
nalem EF adigvenirt, .. - 1.
Super tota AB.diametrd
A F. Bdefcribe femicirculum AEB.
““Ex E erige perpendicula-
rem EF occurrentem peripberiz in F,Dico AE.
EF :: EF. EB. Ducantur enim AF, & FB, Ex
trianguli ¢ re@anguli AFB re@o angulo dedu@a
eft FE bafi perpendicularis 5 bergo AE.FE::
FE EB, Q.E.F.
- Vel (in eadem figura) fine AB,BF dug datz,
bliquet eft- AB, BF .. BF. BE,

CoroB,

L



.

L. lﬁbh‘%’rl{

Corell,

“Hinc, linea re®a, quz in circulo 3 quovis

pun@o diamerri, ipfi diametro perpendicularis
ducitur ad clrcumferentiam ulque, media eft
yropomonalis inter duo diametri [egmenta.

PROP XIV.

. C. HA o4& qualium, w‘uun

BCuni EBG agualem
babentium angulum, pa-
A B rallelogrammorum B D,
BE, reciproca fuss. lmu
F ql« Circum: ¢qu¢l&: an.

gulos. (AB. BG = EBy°

BCr) Es quorwn parallclogrammorum BD ‘BF,
wnum angulum ABC usi angulo EBG qualcn
babensium,reciproca funs latera qua circum agyd-
les angulos, illa funt aqualia,

Nam latera ' AB, BG circa 2quales angulos ]
faciantunamreftam:a quare EB, BC eusu iny {ab . j 1

dire&ym )acebunt.l’roducantur FG DC,
ocqurant.. .

12¢-

K
K

Hyp. AB, BGIr»BB—-BHc BF, BHéi b1 6,
B%BC eergo,’ &c. cy. s.
HyBD. BHf. ..AB.BGj g Bk 1d16
BEEH, Igergo l’gr BD——BF,( Q. I« ;n. 5.
1.6,
‘ .8
: "hi, 6.
ku.&gf



126 EUVCLIDI1S Elementorsm
PROP XV.

A D oEqualiom, (& wtun

ABC, uni DBE aquile
glorum ARC DBE, reci-

B babentium angulum srisn- .

proca (une lagere, qie éir-
c E; cum equalcs angulos (AB,
BE :

B.BC: ) Etqu.
ramtriangulsrum ABC, DBE, umum sngulion *

ABCuni DBBE equalem babentium reciproca [unt
latera, gua civeum aqualcs angulos (AB. BE i
DB. B..) illa [uns aqualis. Y
LareraCB, BD cirea aquales angulos, fta.
a fch.19.1, waantur fibi ba direiim ; 4crgo ABR cft refy
b1.6.  linea, duearwy (E. . i
€2.5. . t.Hyp. AB. BBb:: triang. ABC.ICBE¢::
dzt.6. triang. DBB. CBE. 4 :: DB. B, ¢ ergo, &«.
. eI, 9, 2. Hyp. Triang. ABC.CBE f:: AB.BBg:
t1.6. ' DB. BChs:riang DBB. CBE. g ergomiang.
g ':n; ABC=DBE. QB.D; " - ,

kir&9.s. PROP. XVL
B -

" AFEc A BE E.

. & quatusr ree linca proportionales fueritt

(AB.FG:: EF. CB, ) quod fubextremis A B,

CB comprebenditur rectangulum AC, aqusie cf ¢,

quod éub mediis EF, FG comprebendisur, vedlan-

gulo EG, Et fi (ub extremi comprebenfum reclan-

- gubum AC gquale fueris i, quod (ubmedit com-

prebendipur,reftangulo EG,ille guatuor refla lince
proporsiomaleseruns (AB.FG :i EF,CB.)

. I .Hﬂq

PO SR P

— o s

T U S



Liker VI .. .. 127

1. Hyp. Anguli B & F re&i, ac 4 proinde pares a 12.4x,

fune ; arque ex byp, AB FG:: EF.CB.bergobig. 6.
re&ang. AC=EG, Q.E.D,

2. Hyp. ¢ ReBang, AC—EG ; atque ang. chyp.
B—F 5 d ergo AB.FG :: EF.CB. Q.E.D, dig 6.

' " Coryll, :

Hinc ad daram te@am tineam AB facile eft
daum re&angulum BG applicare, e faciendo ¢ 12,6,
AB. EF :: FG. BC, .

PROP, XVIIL .
A

.——v—-——-w-l.BA ’J‘s:“"

'gl—-——é!‘ DL
Do

E AT

H G

Sisrasvede linca fins proportionales (ABLEF

= EF, CB,) qued, fub extromis AB, CB ¢ovpre- .

bendivir relangatum AC, aquale ¢f e, quod 2

medis EF deferibitur, quadrate E G, . ks [ifub

extremis AB,CB compgebenfum reffanguium A%,

equale fis oi,qued 3 media EX deferibisnr, quadraso .

EG,ille sres ved ¢ linea proporsiopalescrvm ( AB.

EF :: EF. CB.) : . o
Accipe FG—EF.
1. Hyp. AB EFau:EF(FG) CB. ergo afy.

Re@ang. ACb—EBG¢—=EFq. Q E.D.  b16 6.

. Hyp. Re@ang, A G 4= quadr. EG = c29 defis.

EFq.ceego AB.EF it FG (EF.) BC. S 17X

Conpll, , €16 6,
Sit Aio B—=Cq. ergo A.C:: C. B/

ceele o

i

- . '

PROP



128 EUCLIDIS .EMmtqu
S PROP XVHL - '

S ¢ H 'E F L
.. A B C D

A dasa yedlalines AB date redlilinet C EFJD 3

fimile fmiliterque pofsum vedlilincum AGHBde
cribere; ' /,

Datum reilineum refolve In rriangdia. afac
asg, 1, angABH—Dju& :'ng.BAl;k:‘DCE} f-"g?: 2,
IAHG—__-CFE'-; 4 & ang. HAG=FCE, Red:
incom AGHB eft guieficum.’, - .. —4 o
b conflr, Nam ﬁng.Bb:gul;.& ang. BAH b:—tbClg
c32.1, ¢quareahg. AHB—CFD ;b item 308 HA
—FCE; -b & ang. .AHG—CFE. ¢ quare 276
d2.4x; G—E; &totusang, GAB4—ECD; &
‘GHBd—EED, Polygona igiwr fitt motuo
. zquiangula funt, Porro ob trigona ¢qu3|‘8;'- J
I3, AB.BHe:: CD.DE. &8 AG. GH.c: CE
ess: ERirmAG.AH. e:CE.CF. & AH. ABSY /
{15 CF.CD, fundeexzqu AG. AB:: CB.C
g6.def.6. codem modo GH.HB :: RE.ED, g erge polyge- |
.ra ABHG, CDFE fimilia fimikerque poit®
exiftunt. QB.F. ‘ (\_

PR O P. XIX,

Similis tridk Gy
%ull A BGCs i
E

ND. ) :
' B fust 18
 duplicass THE Y
’ N\ - one laseru” b i
mologorum BC

F L]

) B G CE F EF Y
a16)  aFiar BC, E Fz EE,BG, &ducatr AG N
LT w T TR it

A
&,




Liber VI = . . .'119'
Quia AB.DE(b:: BC.EF)¢ :: EF.BG.& ang, b¢or.4. 6
B— B3 derittriang. ABG ==DEF. verum S¢onfir.
wiang. ABC. ABG ¢::BC, BG; &f Bcd1s, 6

. BC 1 fang. ABC Boc eff ABS Ber.6.
= biss €180 g ggg o et o g =t 1o.defy,
& bis. QED. S BILS..

-
Hine,fi tres linez BC, EF, BG proportioma=

- Jesfuerineyut eft prima.ad tertiam, ita eft trian-

AT

gulum fuper primam BC delcriptum ad trian-
lum {uper fecundam BF fimile fimiliterque’
criptum, velia eft idngulum foper fecun.

dam BEFdefcriptum-ad triangulum fuper rerdam

fimile fimiliterque defcriprum, ' :

PR O P XX,
A N
. & X
B G
similia polygoms ABCDE, FGHIK in fmilia

tringule ABC, FGH3 ¢ ACD, FHI, ¢
ADE, FIK dividustar, ¢ numere aqualis, ¢

- bomologasatk. (ABC, ¥FGH :: ABCDE, -

FGHIK:ACD. FHI: ADE.FIK) K¢
Miygene ABCDE, FGHIK duplicatem habens
tas insey (e rasionem, z]um batm homologum BC
d homologum larms G ; . Nam



3a EVCLIDIS Elomentorsm

adyp: - 1. Namang. B4—G; & AB. BC41:FG.
bs.6. GH.dergoriznguls ABC, FGH zquiangula
<> 7 ‘funt. épdgm modo, triangnla AED, FKI affie
70 - “milantur, cumigitur ang, BCAb— GHF ; &
<137 Yang, AD'Eb—FIK; totique anguli BCD,
chpf.-'* iGHL; arque vori CDE, HIK ¢ pares fint,d rew
d3.ax, manentang. ACD—FHI; & ang. ADC—
e3z2. 1, FIH; cunde ctiam ang, CAD— HFL. ergo
triangula ACD, FHI fimilia fune, ergo, &¢,
) . 2. :Quoniam igitur ggiangula BCA, GHF
f19.6. Dmpia s f eric ?{27? == % bis. ob candem
ar CAD __CD g« : DEBA ___
cdufam (53 bis, denique tdang, 2 —

8 by & 2 bis, quare cum BC,-GHg:: CD. Hlg:

16-3-  DE. IK, b erke tHing. BCA a 3
¢ DE.IK, b g BCA. GHF = CAD;
zi”;’," HEL =DEA, IKF  kpolyg. ABCDE,

w BC 1.2
FGHIK :: &+, bis.
" Carolt, ,
L. Hinc, i fuerint tres linez re@2 propors
tionales 5 ut 2{t prima ad tertiamyg_ica eric poly-
gonayp ri@am defcriptum ad polygonum

e :
. fupe ecuqdak fimile Smilherque Sefc:i’prum.
vel itd eriy polygonuni fuper fécundam délcri-

T

ptum épolygonu,n fuper terdam fimile fimili-

terque défcriptum, : .

Unde clicitur methodus, fgurem quamvi recti -

lincam Rugendi vel minuendiin rasione dasa, os f

welis pentagoni, cujus lasm CD, aliud facere quin~

186 txgpla;iu;iuzr AB, b@' §' AB inueini-mediam projor

18.6.  simglem,  Super ba¢* aonfrue onum fwils
wa10. bec eris gamﬂa:ﬂd.’““‘ ‘

kL. Hinc eriam, §§ figurarom fimilum homos

loga latera nota fuerint,exiam proporrio figara-

rom innetefcet ; sempe fnveoicudo tertiom:pias
pationalesy, - . ¢ -

PROP;



= L‘.‘” w}’!; P A’.. ;3‘1. i
PR OP-'XXI.-,

A ¢ H G D B
Qua (ABC, DIE) cidem refilinee HEG

', [uns fimilia, €2 inser fe (uns fimilia,

" Namang, Ae—He—=D.&ang. Ca—=Gar,def.6;
| #—=E; &ang B.4e—F 4=, gitem AB.AC::

v HF, HG: DI.DE. &% AC. CBs: HG‘

| GF::DE. EL §& A B. BC :: HF. FG:: DL

1E. ¢ ergo ABC, DIE fimilia funt. QE.D,

PROP. XXIL

I M

AN 4 —
/N AT

A BC DE T¥G H

i gaarany relfa linca proporiiondles fuering
(AB. CD::EF. GH) ¢’ ab ek reffilines fi-- .
niia mﬂmrquc ddfcripa proporsionalia esuns)
. (ABL.CDK :: BM. GO.Y Et fi 2refti linehs

fmilia fi mxlmrguc D":ﬂm rellilines propdmom-‘

b ﬂ!erm(ﬁm .C EM.GO. )iglectiamre. . '
ﬂclmu'rafmm:lmm (AB.CD:RF.GH) e
‘rOHp AR a— 'Bbxszmbiu—gx 319‘3

B CD
F bb]" P

' duigo ABL.CDK  EM. GO, QE.D.
. Hyp. @bis—-l‘“'b-“—i';c——bﬂ c20.6.

bis, dergo AB,CD 2 EF GH., Q:B.D d cor.23.92
] s:bol,



132 -

Petr.He-
rig.

[ ]
acer. 8.6,
b:2.6.
c17.6.
dcor. 8,6,
e26,

fi1y,6,

aLe,

ECQOCLIDID> Licmentorum

Schel.
Hinc deducisur, ¢5* demonfirasur vasio mulsipli.
condi quansitases furdss. ex gr. Sit 4/ 3 muld.
plicandusin 4/ 3. dico provenire 4/ 15. Nam ex
multiplicationis definitjone debet effe, :; V3
. produ&. ergo per hanc, q.1.qG. 4/3:: Q.
://: g.'produ&.ghogeﬁ. I ’3 5. .q pxodug.'
ergo q.produd eft 15. quare 4/ 1§.cft produltus
ex4/3iny/5. QB.D.
THE OR.

&

A n B

Sirets lines A B [ecta fisutcumguein D, res
fanguium fub panibus A D, DB consentum, eft
medium propersionale inter carum quadrazs. Item
reSangulum comeentum fubtoss A B, ¢ unaparte
AD, vel DB, ¢ft medlum proportisnalc inser qua-
drasum wotius AB, ¢ quadratum diite pertie
AD, veliDB, -

Super diametrum A B defcribe femicirenlum,
ex D erige normalem DB occurreatem periphe-
riz in B, junge AE, BE, :

Liquet efic AD. DE4:: DE. DB. bergo
ADq. DEq:: D Eq.D Bq. choceft, ADq,
ADB:: ADB.DBq. Q.E.D.

Porro, BA. AEd:: AE. AD, e ergo BiAq.
AEq:: AEq. ADq. fhoceft BAq. BAD :;
BAD, ADg. Eodem modoABg. ABD ::
ABD. BDgq. Q.E.D.

Vel fic;fit Z—A-E liquetefle Aq, AE A}
E:8AE.Eq.itemZq. Z A it 42, A aZA.
Ag. &Zq.2E::42,E;: ZE, Eq.

~PROP.



RS T IR T S

PR OP. XXLIL

oE quianguls parallelod
A -a szlmﬂﬂé‘.gl’ inter fera-
B tionem babems cam que ex
ﬂ | lgteribus componisur, (53
=% 2,
== .

EF Ic.:tera circa aquales
angulos C afibiin direGum ftatuantur; & coms a fch,14.1;
pleatur paxallelogr:énmumcgﬂ- e porr. .

Ratio %fb—_—__ S TTE TS e g:o.gef.q
QE.D, ¢ 1.0
Coroll.
inc 8¢ ex 34. 1. patet primo, Tritngule.que , .
ugu mgulung ?ad Cp;cqudm babens, rm‘o’% And 1.
babere ex rasionibus re@arnm, ACad CB & LC 5. 5-
ad CF, equalem sxgubum consinentinm.
. i _ Patet {ecundo, Re- ,
= Banguls_ac * proinde ® 351
- ¢ parallclogramma .
X I ' que rasiogem in- ™
A c g‘r‘ fe babere compofisam . .
Pt | ex vasionibus bafis ad
o Z5 | bam, ¢ aisisudink ad
. alsisudinem.Neque ali-
L ter de triangulis ratiog
" cinaberis,
Pacetertio; Quomods sriangulorum ac pavals

. lelsgrammorum proporsio exbiberi poffis, Sunta
© parallelogramma X & Z ; quorum bafes A C,

CB; alcitudines vero CL, CF. Fiat CL. CF::
CB:)Q! * e‘-it gszig- AC’._ o?.. [ ':‘1‘4: 60 &

I3 PROP, 7



334  EUCLIDIS Elrmentorsm
PROP: XXIV.
D Is ompi. perallelogrqmme
ARTE pABCD, gue dires diame
E trum A C_fum parallelo-
~ gZramme P[G’Enp, @ soti
. € imser (e funt fimilia.
3 H»' C “Nam ! pargllelogramma
-BG, HF habest fingula upum apgulum cum
toto communem. ¢ ergo tati & (bl mutwo zqui-
a9, _sngylafunt.sftem tam triangula ABC, AEI,
., THC, quam triangula ADC, AGI, IFC funt
b4.6.  inter fe zquiangula, b ergo AB, E1 4 AB. BC,
batque AB.AlL:: AB.AE 3 b& ALAG: AC, |
€239,  AD, chzqu:li-igtur, AE, AG:: AB. AD,

& x, def.5, d ergo Pgr. EG, BD fimjlia fuint. eodem modo |
# RS BE}BD‘ﬁmﬂia funt. ergo, &c.

P

E

PROP XXV
D

¢ ANEE )
| \\§ f
PN S - — -
KB ] i

N g X

™ N ©

2 k0 .
L Dato redlilineo ABED C £sile fimilitepgne pofi
tum P, idemquc alieridato F aquale, conflitucres .

235. 1, aFacreftang. AL—ABEDC. b item {uper
b 44.1;  BLfactriang, BMU—F. Inter AB, BH cin=
€13. 6. . vepi pegiam proporganalem NO, fuper ‘NO
B e ) fac



w oo Kiber WLl %3¢
d fac polygonum P fimile dato ABEDC, Eritd 18, 6.
hoc 2qualedato¥. - € 607,306,
Nam ABEDC (AL.) P:: e AB, BHf:f:1 &
AL.BM.ergo P g;l_Mb:F.‘ QEBF. .~ 13,51
PROP XXVL'@ | E\“’_’ﬁ’
BR- 88 2 lrd”tbb'mk‘rr]f
B ABCD ptgauelogrmm
AGFR ablatum fis, ¢ fimile
s0ti, & fimiliter pofisum,com-.
munem cum eo babens anpy-
WmEAG, bog circe canden .
Coum totodiamesrum AC ¢opm > - =
L fiftes, SR ;
- $i negas AC eflz communem diametrum ;.
. ‘efto dlameter AHC fecans EF in M. & ducatue
;  Hiparall, AE. Parallelﬁramma El, DB2 G- 224;6.
milia fuat, bergoAB. EH:: AD. DC#: AE, b1, def 6.

EF. dproinde BH=EF, fQEA - " ¢y, .
' k 11 o : ’ d’i [ B
PR O P, XXVII ot

D N E  Ouwnium, . paralicly.
grammorum, A D,%
MG fecundum eandems ream

‘ 1 lineam AR applicasorum,
Fr _deﬁcicmiu»piq”:f fgui: ey
| pmﬂeloﬁrmm’h. CE,~
A C B X1 fimil, s, fimiliterque

ppiis, ei AD, quod 2 dimidia defcribitur, pai-
mum cft AD, quedad dimidium eft applicatum,fp= P
mile exfifiens defeituiKI. o R
Nam quia GE ¢—=GC, addito communi 343,
KI, berit KE—=CI ¢== AM. adde commune b 2, &x;
CG, d erit AG — Gnom, MBL. fed Gnom. ¢ 36, 1.
MBLe m CE(AD,) ergo AG =21 AD, d32, «x,

Q‘ _E) p'. ’ € 9. 4%,

L4 PROP,
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o - BROP, XXVIIL

N M ' E] 5!!#5!;
- 7 .A EZB

Ad dasam reftem lineand A B, dato rehilines

C aquale parallelogrammum AP applicare defici-

on; figura parallelogramma ZR., qua fimilis it al.;

$137.6.  teriparallelogrammo daso D. * Operscs sxsem das
' tum reitijineum C,cui equale Aszliunduq eft,
noi majis effe to AF,quod ad dimidiam applicasur,

fimilibus expftensibus defellibus, & cjus AF guod

e 2 N [
ad dimidiam applicasur, (5 ¢jus D, cui fimile dé-
edebes, . T AL

a18.6. - Bifeca AB InE. Super EBafacPgl. EG

bfch.43.1. fimile dato D. bfitque BG — C+L. cfacPgr.

t3y. 6. NT—=L&fimile dato D,vel EG.ducdiametrum

7T FRB.fac FO=KN;& FQ—KT. Per O,& Qduc
paralielas SR, QZ, parallclogrammum A R
eftid quod quariur. .

Nam paraltelogramma D, EG, OQ, NT,
demf. @ ZRd fune fimilla inter fe. EtPgr. EGe—=NT,
34.6. +Ce—=0Q~+C; fquare C = Gnom,
cconfi,  OBQg—AQ~+ PG)—=AO+EP=APR,
3. 42, Q&B'- )

nax '
n 4‘,. | P

- - PROPR

- SN
¥

P

1~

i e osn ey



Liber V1. 137
PR OP XXIX,

A E
—
R L 8

Ad datam ycam lincam AB, dato reitilinze C
aquale parallelogrammum AN applicare, excedens
figura paraliclogramma OP,qua fimili fis pavalle-
ammo alters dazo D,
" Bifeca ABin E. fuper EB4facPgr. EG fi- 218.6,
mile dato D, b firque Pgr, HK—EG~C, & b1§.6
fimiledato Dvel E G fa¢c FELe—1H; c&c3.14
FGM—=—IK, per L, M duc farallelas’ RN,
MN; & AR parall. NM. Produc ABP, GBO.
Duc diametrum FBN.Pgr. A Nef? quzficum.
. Namparallelogramma D, HK, LM, EG
d fimilia fune, eergo Pgr. OP fimileelt Pgrod confir:
LM,velD, item LMf—HK{—=EG+C. e14.6.
gergo C—=Gnom. ENG. atqui ALb=—LB fcefr.

PROP, XXX, k};:

B Propofisam re- | » & 1.4x:

C\ G H&uliuf:mm. *&nex
b § minatam AB, ex-
B o trema dc  medis
rasiome fecare.
D ~ (AB.AG i: AG,

B ¥ GB.)
aSeca ABinG, iapt ABxBG=AGq. arr.13,

pergo BA, AG 4 AG.GB, QEIF. b17.6,

PROP,
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RROP. XXXL
r

GA
- H.

Bl |°
E F
Fn reflanguly srianguly BAG , figura
BF & larere BC re ugubm BAC fubsen-
dentedcfcripta, aqualiscft figurk BG, AL ﬁ

prieriilli BF pmiles, & fimilitcr pofitad
m A C refum augulum consinensibm defcri=

Abangulo re@0 BAC demitte perpeadicu.
a¢cor, 8.6, larem AD. Ql_;omam DC.CA:zaCA. CB,
beor.20.6, berit AL BF :: DC, CB. ltem ob DB, BA::
c€34.5. 8BA.BC, b erit BG. BF:: DB. BC. ¢ ergo
d[;b,u, s: AL BG. B : DC . DB (BC.) BC. ergo

AL-+BG=—BF, QE.D.

Coro!.

Ix hac propofitione, addi poffunt,& fubtrabi
Bgurz quaevis miles,eadem methodo,qua qua-
. @rata adduntur & fubtrabuntur,in [chol,q, T

PROD,

1
»
-
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Liber VI ‘139

Fiehotiny/ i 4

A . 81 duo
: ABC, DCE, quedus
Lasera ducbws lateribm
proportionalia babeans
(AB.AC:: DC.DE,)
¥ I's] feoundym unum angn~
Inna ACD compofita {ucrine,ita us bomologa comum
fmcra fins csiam parallele (AB ad DC, & AC ad
DE) tum reliqua illorum sriengulorsm Latork
BC, CE inveilam lincam cotlocata reperientur, .
Namang Ae=ACD 4 =D; & AB. 2291,
ACb = DC. DE. ¢ ergo ang. B==DCE. ergo blyp.
ang B+A d—ACE. fed ang. B+A+ACB =2 € 6. 6.
Re&. fergo ang. ACE+ACB—aReft. gogo da. ax,

BCE cltre@a llnea. QE.D, :‘3’;.
PROP; XXX[II; = BlaL

T aqualibus circuls DBCA, HEGP, angull
BDC, FHG eandem babent rationem cum peri-
pherit BC, FG, quibus infiffuns; frue ad centra
( ut BDC, FHG,) five ad peripheriss A, E
conflitusi infiftans : mfuper vero ¢o° fectores BDC,
SHG, guippe qui ad cemsra confiftant.

Dug
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Ducre®as BC,FG. Accommoda C[—CB 3

& GL—FG—LP; & junge D{, HL, HP,
18,3, Ascus BC s=C [, gitem arcus FG, GL, LR
b3y.3. =quaneur. bergo an% BDC—=CDI v & alﬁ;
FHG=—GHL—LHRP, Brgoarcus Bl tam mul-
tiplexeftarcds B C, quamang, B DI anguli
B D C, paricerque zquemultiplex el arcus F P,
arcls F G, atque ang. FHP anguli FHG. Ve.
cay.t. rumfaccus BIc, =, =3 F P, ¢erit imiliter
d6. def.5. ang.BDI =, —, 3 FHP.ergo arc. BC. FG 4 2
e1s. s, aog. BDC. FHG e:: BI?_C.:, Flig fi1 Al B,

3 >

0. 20
f30.3. QE D, :
Rurfus ang. BMC g =— CN I;b atque idcirco
El7. 3. fegm, BCM —=CIN. k item tﬂmf' BDC —
4.3, CDlL lergo fe@tor BDCM — CDIN. . Simill
k4.1, ratione feQores FHG, GHL, LHP zquantur,
1s.4¢.  Quim igitur prout arcus Bl —,—,=2 FGP, ita
m 6,def. g, fimalicer fe@or BDI &=, —, ~3 FHP, m erit fe&,
BDC.FHG :: arc. BC, FG. QEB.D.

coroll.
I15:5. . lﬁ:c 1. He fector ad [ellorem, fic angulus 4d
.

2, Ang. BDC incentrs eft ad 4 rc8os, wars
cus BC cui infifbis ad setam circumferension.
Nam g ang. BDC ad re@um, fic arcus BC
ad quadrantem. ergo BDC cit ad 4 re&los, ue
arcus BC ad 4 quadraates, id eft ad totam cir<
cumferentiam, item ang. A, 2 Re& :: arc.BC,
periph, L
" Hinc 3. Inequalium circulorum arcus IL, BC,
qui aquales fubtendunt anzulos, five ad centra, uc
VAL & BAC, five «d peripheriam, [uns fi-
milcs, o .
Nam IL. periph. ::ang, TAL, (BAC.) '
4 R:Q, item arc, BC, periph 22ang. BAC,
: 4 Relly



Liber VI ‘ 14%
4 Re&, ergo IL. periph :: BG, periph, proinde
arcus 1L, & BC(uEt ﬁsﬁles. Unde P proinde

' s Duafemidiametri AB, AG 2 comcentricis
= peripberiks arcus auferunt fimiles 1L, BC,

v

: ' LI1B,.
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L1B VIL
innifiom:.

Nitas eft fecondum quam unum.
P quodque corum quz funt,unum
R diciwur,
? LI Nuomerus; autem eft, ex
& unicatfbus ompefita multitudo.
1II, Parseft numerus numeri, minor mas
joris, quum minos atecitur mejorem.
Omui pars ab o mamero somen fibi fumis, per
Sum ipfa mumerum, cujus cft pars, metisur ; us 4
per 3

sevsia pars mumeri £3, gais mewlo A2 .

I'V. Partes autew, cum non metitur,

Partes quecungue nomen accipiuns @ duobus illiy
wumer, per quos maxima communis duorsim Ruwic-
rorum menfura usrumque corsmmetitur. ut 10 di.
citur § wxmeri 15,60 guod maxima communis men-
fure, mempe 5, metitur 10 per 2,¢9° 15, per 3,

V. Multiplex vero major minotis, cum ma.
jorem metitur minor. :

V1. Par numerus eft, quibifarlam dividi.
tur.

V11, Impar véro numerus, qui bifariam non
dividitur 3 vel, qui unicatediffere 2 pari,

VI LI, Pariter par numerus eft, quem par
numerus metitur per numerum parem,

I X, Pariter aurem impar eft, quem par nus
merus metitur per pumerum imparem,

- X, Fmpariter veroimpar numerus eft, quem
impar numerus metitur per numerum imparem,

X 1. Primus numetus eft, quem fola unitas
metiur,

X IL. Primiinter {e numeri funt, quos fola
unleas, communis menfur 3, metitur. X

‘ ) I,

A JET I R

R s Y. 21



Liber VII. -

XIII. Comp- firus numerus eft, quem numes
rus quifpiam metitur, o

X1V, Compaofiti aurem inter fe numeri fone, -

quos numerus aliquis, communis menfury, me-
thur, . o

In bac definitione ¢5* pracedenti unisas now efp
mmerus,

X V. Numerus numerum muldplicare dici-
tur,cum tcries compofitus fuerit is qui mulripli=
catur, quot fune in ipfo multiplicante uhicates,
& procreatus fuerir aliquis, . »

Hinc, in omni mulsiplivatione unisss oft 4d mul.
siplicatorem ut mulriplicatus ad produfum.

Nota, quod [ape cum mubsiplicandi funs quivis
sumeri,puta A inB literarum conjuniio produitum
‘5“’"" sic AB—Ain B. ftem CDE—C in

in B. ‘ :

X VI, Cum autéem duo numerifefe muld-
plicantes aliquem fecerint, qui falus erir, pla-
nus appellabitur ; Qui vero numeri fefe mutuo
multiplicarine, latera illius dicentur. 8ic 2 (C)
in 3 (D) = 6 =CD ef} mumerus plansns.

X VII. Cum vero tres numeri mutuo fefe
miltipcantes fecerint aliquem, quiprocreatus
erit, folidus appellabitur; Qui autem numeri
mutuo fefe multiplicarint, latera iilivs dicentur.
Sic, 2 (C) in3 (D) ins (E) —=3v— CDE
eft numerus folidus. :

X VL1, Quadratus rumerus eft,qui 2quac
liter zqualis, vel qui fub ducbus zqualibos nu-

meris continewuy, §it A lasus quadeasi ; quadra-

tus fic motatur, AA, vel Aq.

X 1X. Cubus vero, qui 2qualiter 2qualis
2qualiter, vel quifub tribus zqualibus numeris
continetur.  §it A batuscubi s cxbus woratur fic,
AAA,wvel Ac, .

In bac definitione , o sribus praccdensibus uni-

tas cft mumerus,
XX.Nu-

143
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EOUCLIDIY Licmentorum

XX. Numerl propotionales funt, cum pri-
mus {ecundi, & tertius quartd zquemultiplex eft,
vel eadem parsyvel deniqzcum pars primi fecone
dum, & eadem pars tercii Zque metitur quara
mm, velviceverfa, A, B:: C. D, hoceht,3,

32 §. 19, . ;

’ XXI, Similes plani, & folidi oumeri funt;
qui proportiomalia habent latera,
" Laterauempe non quelibet, fed quedam, . -

XXII, PerfeQus numeru. eft, qui fuls ipfius
pa-tibus eft 2 qualis.

U6, &28, Numerm vero qui fuis ipfims per-
sibus minor eft, abundans appcllatur; qui vere ma.
jor, diminusus, w12 cft abundans, 15 eft dimi-
®.34s.

XXII1, Numerus sumerum metird dicltur
per illum numeram, quem multiplicans, vela
quo multiplicatus, illum producit. .

In divifione, unisss eft ad quosientem, us dicsi-
dens ad divifum. Neta, qued mumerus altcri lineo.
s imerjcila [ubfcripius divifionem demosar.  sic
£~ =Adivif, perB.irem -L-uf‘ = Cin A divif
per B. S,

Termini five radices proportlonts dicuntur
duo aumeri,quibus in'eadem proportione mino-
res fumi nequeunt.

Poftulata,

1. T) Oftuletur, cullibet numero quotlibet fus
mi pofle zquales, vel multiplices.
2, Queol:bet numero fumi pofle majorem.
3. Addito, fubtra@io, multiplicatio, divifio,
extraQionefque radicum, (e lacerum, numero.

* rum quadratorum, & cuborum concedantur ce

tiam, tanquam poffibilia,

Axio=

s
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Liber VII,
" Axiomata,
5. Uicquid convenit tini 2qualiim nume=
rorim, convenit & reliquis zqualibus
numeris. _

3. Partes cidem panti, vel iifdem partibus,
ezdem, funt quoque inter fe czdem,

3. Qui numeri 2qualium numeronim; vel
¢jufdem, e@dem partes fuerint, Zquales igter fe
funt, . .

4. Quorum idem numerus, vel zquales, ez
dem partes fuerine, 2quales inter fe fune,

s. Unitas omnem numerum per unitates,qua

in iplo funt,boc cit;per ipfummet numetum me-
" titwr, : ' ‘

6. Osnis numierus feipfum metitur per upis
tatem. '

. Si pumerus numerum multiplicans, alls
quem produxerit, metietur multiplicans produ-
&um per multiplicatum, muliplicatus auteni
cundem per multiplicantem.

Hinc nullxs sumerss primms planmeft aus foli<
du, quadrasus, vel cubm. )

8. Si numerus pumerum metiatur, & ille per
quem metitur,eundem metietur per eas, quaz in
metiente funt, unirates,hoc eft,per ipfum nume-
rum metientem,

9: Si pumerus numerum metiens, multiplicet

eum, per quem metitor, vel ab co multiplicetur, -

fllum quem metitur, producit.

10. Numerus quotcunque numeros metions;
compofitum quoque ex ipfis metitar.

11, Numerus quemcunque numerum meti-
ens, meritur quoque omnem. ammerum quem
ille meritur, ™ -

12, Numerus meticns totum & ablatum 5
metitur & reliquum, o

N "PROP,
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PROP Lt

A....Bi';.GD-B 3*5*% 8i dushw numerd
C..F. "ﬂx"“ b propefisis
H--- (AB, CD) depra-
batur [emper miner
CD de majore AB (& reliquus EB de CD &c,)
alscrna quadam desractione megue religum wnquam
pracedentem metistur, quasd affampta fis unisss
GB ; quiprinsipie propefisi funt sumeri AB, CD
primi inser [c eruns.
Sisegas, babesnt AB,CD comewsem men.
furam, aumesum H, Esgo H metiems C D,
a t1.4x.y, setism AE metitur ; prolade & reliquum EB
bi12.4x 7' sergo & CE, atgu bidcircoreliquem F D3
"¥* 4 quare & ipfum BG.fed totum EB metiebatr ;
dergo & religuum GB mesienr, numerus ani-
- €g.ux,1, tatem, ¢ Q E. A.

PROP. IL :

9 § Duobus meme. *
Avvewe:Bowe..B 1§ 9 6 rkduk AB, CD
6 3 now primis imeer fe,
CuuiF..D 63, maximem comem
G.-- 30 commumen menfu.
ram FD reperine.
Detrahe minorem numerum C D ex majori *
28, 4x. 7. AB, quoties potes. Si nibil relinguirar, £ pares ¢
iptum C D effe maximam communem menfu- :
ram,  Sirelinquitur aliquid EB, deme hunc ex 3
CD; &reliquum FD ex EB, & fic defnceps, :
Adonec aliquis F D precedentem EB meriatur,
br.7.  (nam bhoc et antequam ad unicatem perveni- .
atur.) Erit FD maxima communls menfura,
cconfir.  Nam F D ¢ metirur EB, dideoque& CF; °
dinaxy. cfroinde & rotum CD;d ergo ipfum AE ; atque '
¢ £2.ax,7, idcirco vorum AB merlenr.  Liquer fpltur F D
commune cffe atenfuram, §1 maximam cffe
' negas,



- Liber VI 47,
negas, fit major hguzpiam G: esgo G metiens
CD,d metitur AE,e & reliquum EB,d ipfumque - ,
. CF. ¢ proinde & reliquum FD, g majot mino- gfumr-
;. rem.HQE.A, L 9. 4x, I

Corell.

Hine, nwtherds metiens duos nutheros, mes
titur quoy; masimam eorum commiifeds msens
furam, : :

PRQP 11N

2 Acuwew 12 Tribussumerh duh A, B, C
Bicino 8 now primi imer (e, maximant
i . QD.... 4 corum communem menfuram E.
X C sosece 6 . "P‘m
y E.2  Iaveni D maximam com3
; F-.«  munem menfuram duorum A,
B. §i D metitur tertium C, R-
quet D maxitmam effe trium communem men-
foram. $1 D non metitur Cerunt faliem DX C
compofiti intet fe, ex coroll. prizcedentia, Stoigl.
r jplorum D & C thazims commiunis enfurd
E. erit E is quem quesis. o
Nam E ametitus C, & D ; sac D ipfos A,& aconffy)
B metlvuc ; -8 orgo B meticur fingulos A, B, C; b1i.ax.y,
nec major aliquie (F) eos metiatur 5 nam fi boe )
~ sffirmas, ¢ ergo F metiens A, & B, eorum ma~ ¢ cor, 2]
" simam commiment menfuram D metitur, Eo-
" dem modo, F maticns D, & C, # eotway maxi.
mam commaneth menfuram E, 4 majot uflno d fuppef.
rem, matieur, ¢ . E. A, . €9, &x, 1,

- Corell,

Hinc, numerus metiens tres numeros, maxi
m3am quoq; cortth communct menfuram me<
tiwr, .

L Ks PROD
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. PROP 1V,
A6 Omnis namerms A omiiy
v U Bewn? numeri B, mingr majork, aus
B oreimeecctonn 18 parsefl, aut partes.
s JY - X $i A & B primi fim in-
a4.def. 7. ter fe, & erit A tot partes nud

meri B, quot funt In A uniftaves, (ut 6=
b3. def.7. :_. 7.) Sin A metiatur B, b liques A effepar-
tem ipGus B, (ut6=-118,) denlque fiA&
¢ 4. def. 7. Baliter, compofiti inter fe fuerint, ¢ maxima
communis menfura determinabit,quat partes A
sonficiat jpfins B, ut 6—3 9, :

PROP V.
A nol,n“ D uu#

6 6 4+ 4
‘B‘ll"IGII..‘I. Cllo EC;..H.;..FS

Sinumerm A numeri BC pars fuerit, ¢ dter
D dtering EF cadem pars 5. ¢ fimul userque
(A-+D) utriufque fimui (BC+EF) eadempars
eris, quaunus A uniusBC.

> Namfi BC in fuis partes BG, GC Ipfi A
zquales; atque EF infuas parces FH, HF iph
abyp. D 2quales refolvantur 4 erit numerus partivm

in B 2qualis numero partium in EF,  Quum
bconfl. ¢ igitur A + Db — BG + EH=GC~+HF, erit
2, 4x. 1, A—+Dztotiesin BC+ EF, quoties Ain BC,
) Q- B.’ D.
Vel fic brevius,Sit a==x & b—y,quare 23—
2 N
x & 2b—y, ¢ Ergo :.a—'-:.b*_-:x-w.2 Ergoa-+b=

X+
)

: g PROP

!
6.1
~§
ey
S
e
Sk,
£
R

kaixy
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CLiber VIL VT x4e
PROP VI
3 3 4 4 S8 au-

A..G..B6 D..H..E8 inerusAB
Courrerens 9 ' Foorecersnss I3 - i numeri C
parses fuevisy’ alter DE alterius F eadempartes;
@ fmulsterg; (AB—+DE) utriufg; fimul(C~+F)
cadem parteserit, quaunus ABunius C, =

Divide AB in fuas partes AG, GB'3 & DEin
fuas DH, HE. Partiuminutroque:AB, DB 2.
qualis eft multtudo, exhypoth, Quum igitur
AG 4 fit eadem pars numeri C,quz DH nume- 25yp. -
HF, berit AG+DH eadem pars compofiti C+- b 4. 22 £ &
F, quz unus AG unius C. b Eodem modo GB—++ "t A
HE eadem pars-eft ejufdem C~+F, quie unus: ' ~>-72
GBunius C 5 ¢ ergo AB+DE exdem parteseft ¢ 2, a3, °
ipfius C+F,quz ABipfius C. Q. E. D, .

Velfic.Slt a—%x, & b—3y, & x+y—g.0b3*
a=1x,& 3 b—2yjelt 3 a+3 b=2x+2y—2g, °

ergo a+b—% g—4% : x+y, : ) o
S "lg’_'Rs“O P, VIL: o
S 3 o 8% mumerus

A oense E e B 8 A B tﬂu‘ﬂlt!i'

6 ‘190 76 < CD pars fue-

.

G e C ivviivanie Fuvio D167 ity grialy abe’ € xn o
G latns” A B abs! )
i CF 3 ¢ reliquus E Breliqui D, eadem pars * &1
erit, qualii totés ABeotiusCD., - ' © Zirxw.ayg
4 Sit EB eadem pars numeri GC, quz ABip a 1.pofa ol
fius CD, vel AE ipfius CF. bergo AE+EBea=b o 7 4
dem eft pars ipfius CF+GC,que AEipfius CF, . v 8!
vel ABipfiusCD, ¢ esgo GF—=CD. aufer com- ¢ 6, ax, 1.
munem CF,-d manet GC—FD. ¢esgo’EBea- d 3, 4x, 1.
dem eft parsreliqui FD (GC) qua totus AB to- ¢ 2, 4x. 7.
tius CB. QE.D, . = . .o 4
Vel fic. Sita-b—x,& c+d—y ; atquétam
x—3 y,quam 23 c;dico b—3 d.Nam 3 c+3di

J=3 y—x g::a-rb, avfer utrinque 3 ¢ g=2,& fr.z.

remanet3d=b, Q. E.D, . " :. . .ghyp.

K3 PROY
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PR OP. VIIL

6 & 4 _3 3 st e
JA;"-“Q Go_-uEu _LnB 16 rus AB ‘-
18 é A i n

C harad g aa Fuee D24 . Ml‘fm i
tus AR abiati GF, & soliguus EB religni BDee-

desg porses evis, qualea wus DR spsizs C .
$aca ABin AG,GB pastes numeri CD; ltem
~ ARin AH, HE partes sumeri CFy & fume

3.4 1 GL=AH=zHE ; ¢ quare HG==EL, & qu. *

bemfl. b AG==GB, ¢etiam HG=sLR Cum igitw
€ 3. &x. 1. tqsus AG eadem fic paracosios CP, “a ablae
gklv; - tus A H ablai CF; dagkseliquus

ipiws C D\ Eedem pado, quia G B eadem

pass eft totius CR, quz HE, vel GL, iphws CF,
d eritreliquus LB cadem parsyeliqul FD, que.

GB1otius CD; ergo BL —+ LB (BB) cxdem
et pagesraliqui FD, qua totus AB texius CD,

Velfic facilips, Sita -+ h—=1x, &c~+d=7.

eo ey lemAnyrdx; quame=r2a; velequad:
€2 "’v‘"‘i:le«meﬁ.3¥Jf==xZ!K,;l9li¢=t=l-J Dicod=3 b :
fri Nmacsdfmiy=axfmaasibh

gt ax. 1, 8680 3¢+3d= 23+ 3h aufer wtrisge

hhyp, - s ﬁ,bzﬂi&kmnct.;d;.ab.,l_qrgod:;.—-} b

k 3, a2, B,
lx,.,;.‘z, .

¢ xa.cc @ 4 n BCpdrs fuesis, gyt abser D
B..G..CS8 alteriuy EF eadsm pars;

S insas . o PROPD LY.
daigl 0 Aaas S§ mamerns A wumerk’

1§ Doaics- - - viilfim qua pars off, as

‘Bnu-‘ﬂ weess F 1Q parscs MIA toxtii D,
LY eadow pars crityvl cadem
<. partes, @ fecundus BC quarsi BF, - P' "

O ’ c onis

vl |
EL, cadem etlam pass yeliqui F P, quz a6’
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Liber VI s I5r
Ponitur A=7D. Sim Btgmr BG, GC,&EH,
HF partesnumerorum BC, EF, hz ipfiA, iliz
RﬁDnm terqoe mubticudo partiom 2qua- ‘
ponitur. Liquetvero BG ¢ eandem effe par- 2 1. #%. 2.
tom aw cafdem parees ipfius EH,quz GE ipfi- & 4- 7,
us HE; b quare BC (BG+GC€) ipfius EE (EH bs.vel6.7
+HB) eadem parseft aw partes, quz unus BG
(A)yvolws EH(D.) Q E.D.

Velficy fica=— -3-,& c-_—_:-—, vel3a —=b,&

?C::‘; tcﬂ’l.- a-—-—(sI _) T | ey ‘S.
EROP X ‘
A.G.Byg Sinumerus AB mumardC
Cieine8 paxtes facrit, &2 alur DB ol
'y s terius F caden pames; ¢
D_lnunnn‘u E 10 V"iﬁm 9’“ Pm Cﬁ ”ﬁ
Focioarsinesas 1. s AB tersié DR, om

pars, eedem paress eris &
fesundus C quarti ¥, amt pars. = - -

Ponitur AB-IDE, & C—2F. Sinc AG, GB,
& DH,HE partes smmercsum €, & F, tot nemn
pein AB,quotinDE.Conftat AG ipfius C ean~
den efis parcemt, qua DH ipfiusF, s quarevi=29,7.
ciffim AG ipfius DH,patiterque GBipfius HE, =~
& ¥proinde conjun@im A B ipfius D B’ ¢adem & 9.7
pars erit,aut pastes,que CipfimF. Q. E.D, ~°° %

elfic; fita—3h& c—‘;i_-i d. zel 3a—=ab&

€ 3c_u_d
je=2d.BR 2=3 b

a” b
PROP. XL
4 3 " Sifueris, uttous AB
AiE.Byn . adeosum CD;ira ablatus -
8 6 * ABedablatum CF; o

Cuverens F opupees D14 rveligaus ED ad reliqunnt
et Bt D14 108 D



152 EUCLIDIS Elementorsm

FD epit, us totus AB adssum€D. -
24,7 Sitptimo AB—CD; aergo ABvelpars s
b 20.def.y. et ,vel partes numeri CD; b eademque pars et
¢ 7.vel B,y vel parces ipfe AE ipfius CF; ¢ ergo reliquus EB
reliqui FD eadem pars cit,aus partes,que totus
ABfotiusCD, bergo AB, CD:EB.FD. 44
Sinfuerit A B CD; eodem modo esicjuxa
modo oftenfa,CD,AB:; FD,EB.eygo investen;
do, AB,CD:: EB.FD, = A
v PROP, XIL 1!
Aj¢. C,2. E,3. Si fint quotcumque ns LL
B,8; D,4. F,6. meri pfoporgiomlu (AB (i
‘ . uCD EF) erit quem-
admodum umus -entecedensium A ad umum confe-
quentium Bits omues emecedenses (A—+C+E) ¢ | ‘
omnes confequestes (B+D+F,) ‘-
siPt primo, A, C, E minores quam B, D,k ‘
a10.def.y. ergo (propter cafdem rationes) ¢ erit A eadent Wy
bys.& 6.7, parsaut.partesiplius B, qua C ipfius D. bergo um
conpundlim A ~C eadem erit pars autpartes Vi
ipfius B+-D, quz upus. A unins B, Similiter. L
) A+ C+ E eadém pars eft,” ant parres ipfius i
€20.def7, B+ D +F, quz A ipfius B, cergo A+ C~+ il
B.B+D4F:: A.B. QE.D. Sis ,GE,
ipfis B,D,F majores ponantur, idem oftendetr |
jnvertendo, Ce ST
. . . . B 4 A.
~PROP XL L,y
L §1 quasver mumeri proporti- - Y
A, 3. Ci4.  onsles fim (A, B:: QD)6 -
B, 9. D,ra.  vicifim proportionaics cruns i
. (A.C:B.D. : il
Sint primo A & € ipfis B & D minores, e,

a 20.def. 7. 3tque A—3C. Ob.eandem proportionem, 4 €rit 'i..'hi.:
A cadem pars, aut partesipfius B, quz Cipfius - i

bo.& 105 W bergo viciflim A iplius C eadem pars eft,auc
" parses; qua B ipfius D, ergo A C:: B. D. -Sin
T I o Ac

|
e
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Ac-C; atque A & C majores flatuantur,quam
B & D, eadem res erit,proportiones invertendoy

PROP. XIV.

. A9, D,6.  Sifint quotcunque numeri A,

B,5. B,4. B,C, ¢raliitotidemD, E F

C,3. F,2,  illik aquales multitudine,qui bini
fumantur, ¢ in cadem ratione

(A.B:: D,E &8, C :: E.F) etiam ex equalitarc

in cadem rationc erume. (A.C::D F.(? o

Nam quia A.B:: D. B, g eritviciflim, A D 3¢
B. E:: 4 C.F, aergo iterum permutando, A,C
=D, F. QE.D, : -

~PROP, XV.
1, . D. . 8i unitas numerum quems
B.i3. Ewe6,  piam B mesiatur | aque au-
tem alter numerxs DD alte-
rum quendam numerum E metiatur 5 (5 viciffim
agque unitas sertium numerum D meietur, @ fe-
¢undwm B quartum E. .
Namquia 1 eft eadem parsipfiusB, quz D
ipfius E, geritviciffim 1 eadem parsiphusD, o, 7.
quz Bipfius E. Q,E.D, o o
PR OP. XVI,
8iduo numeri A, B [efe
B, 42 A3, mutuo multiplicanses fecerins
A3. .B,a alignos AB, BA, geniti ex
AB, 12, BA,13, ipjw AB, BA equales inter .
N : ; ¢ erums. p A toti
am quia AB—A in B, deritr in A toties, 1
quoties g in AB, bergo viciffim 1in B toties ;:”d;f 7.
erlt, quoties A in AB. atqui quoniam BA—B = ™4
in A, g erit 1 in Broties, quoties AinBA. ergo
quoties 1 in AB, toties & in BA ; & ¢ proinde ¢ 4. ax.7]
AB—BA, Q.E.D,

3. 2.

N\

PROP,
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UG L LUTL D LRSTNHIOTRIN

PR OP. XV1I
A, 3. Simumerus A duos mu-

By, C,4. meres B,C mudtiplicans fe-

AB,6. AC,13,  cerit aliquos AB,AC 5 gea

nitiex ipfis eandem vasio-
sembabebune, quam malsiplicasi, (AB. AC 2
B.C.)

215.4def7. Namquia AB—A InB, « erit & totiesin

A, quoties Bio AB. airem quia AC==A.in C
eris I totiesla A, quotles € in AC. ergoguo-

b 20.def 7 tiesBin A B, tottes Cin A C, quare B, AB :2

€13.7.

216, 7
bi1z.7.

C. AC. cergo vicifim, B.C : AB. AC,
Q.E.D.

PROP XVIIL

C,5. G35, §i duo numeri A, B,
A3 Bo Wumerum guewpion C
AC,15. BC, 45, muisiplicanses fecering a-

liquos AC, BC; gemiti
ex ipfis cawdem rasionem babebuns, quam multiphi-
camtes, (A.B::AC.BC.) o

Nam AC ¢=CA ; & BC 4 —CB; ficidem,
C multiplicans A & B producit AC, & BC,
bergoA.B:: AC, BC. QB,D.

Schol,

Bx bis pendet modus vulgaris reducendi fras
&iones ($27) ad eandem denominationems
Namduc gtamin 3, quam in 5, provenimo
41 =+%. quosiam ex his, 3. 5i: 27, 4%. item
ducs iny, &9, prodesne }{ — ;Z-,quia 7-9:%
35 45+ '

PROP. XIX,

A,¢.B,6.  C,8.D,1z2. . siqusswor aul

AD, 48. BC,48, " meri proportiona.-

- ies fuering (A.B::

C.D;)} quicexprimo ¢° quarte iz mumerus AD;
agquatiseft ci, quicx fecundo ¢ icrils fis, numero

E
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BC.Et f qui ex prime ¢ querse fis numerss AD»

equalls fis i, qui ex fecundo ¢ sertis fis, Bumare

. BAC zpﬁ qumw' numesi propervionales erums.

. (A.B=

-, Hyp Nam AC. AD«:C.Db::A 217

" Be:AC, BG. d ergo AD=BC. QE. D, bby.

" 2. Hyp. Quoniame AD —BC, erit A . €18

. ADf: AC.BC. Sed AG.ADg»C.D. &49.5.

. AC,BCh:ABkergo C,D:: A, B. QED. ::"J'-
PROP XX At

A. B. C. si :muumripnpmma- hi3.9.
6. 9. les fuerine (A.B::B.C,) k1L 5.
AC, 36. BB,36. qui (b extreinis continctur
D, é6. AC) aqualis eft ai, qui
amedioefficizur (BB.) Etf
i ub extremgy contingsur (AC) wqueli fueris ci
gq) qui fub medio, ipfs tres numeri pro,mm-
neles erums (532 -, )

1. Hyp Nam fume D—B, sergo AB:at, 8x 7.
D(B%C.bquaxc AC-—BD svel BB, b1g. 7.

3 Hy QBia ACc¢=3D, deritABs: chyp.

7
7

19. 7
PROP XXI
A .G..Bs. E wiieenc 50, Numeri AB, .
c“ D 3' F LI} MA‘ C D mi‘iﬂio”“‘
nium eandem cum

tis vasionem habentium (B, F) mesiuntur ague nu-
meros E, F candem cum eis ratisnem babentes, ma-
jor uidem AB m;mm E, minor vers CD minos
em
NamAB. CD4t: E. F. b ergo viciffim 2 by
AB E:CD. F. eergo AB eadem n eft bn;
vel partes gﬁus E, quz CD ipfius F, on pu— < zo.lZ[q
tes ; nam fiita fint AG, GB partesnumeri E;
&CH HP paml numen F, cergo AG. (?a‘ - f{
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)

i

(",
d13.7. CH.F; & permotando, AG. CHd:: B, Fe:i i

cbyp,  AB.CD. ergo AB, CD non funt minimi in fya
xatione, contra hypotb ergo, &c.

PROP XXIL

Ay4; D,ta,  Sifuerint sresnumeriAB,
B,3. E,8. C, ¢ ditipfis mulsisudince-

C,a. F,6. qudcs D, E, ,qu;bmfu- t

mantur, (y' in eadem rationc;

Jucrit ausem perturbasa corum proporsio (A B:: E,
F&B.C::D.E; s)eviam ex aqualisate incademep iy

. sioncerume (A.C:: DF)
abyp. NamquxaABc :E.F, berlt AF=BE; &
big. 9. quia B.C: ;DEbem BE—=CD, cefgo
ct.ax 1, AF=CD.4d quare A,C:: D.F. QED '

d15.7 PR OP: XX[IL
A, 9. B,4. Primi inter [cnumr: A,B,
C----D s pinimi fumt omwium cam
.. " cum ek rationem babensium.

Si fieri poteft, fint C&D

minores quam A & B, atquein cademratione.

32,7 4 ergo C metitur A zque, ac D metitn B,

puta per eundem numerum E: quoties igitur-

ba3. l‘f7' 1 in E,boties erit Cin A.¢ quare viciffim quo-
€15. 7. estin C yoties E in A, fimili difcur(n quoucs

Jin D, toties E jn B. ergo EurrumqueA& '

meti ury qui proinde inter fe prxml mon’ fum’,
contra Hypoth,

PROP XXIV

A9 B,a. Numeri A, B, minimi ommis
o -C--= UM eandem cum eds rationem
' D === E = habentium, primi inser fe funt.

Si feri pmel} ‘habgzant A
& B communem ‘menfuram C ; is meriatgr A

29 ax, 7. perD &Bper E; aergo CD—A, & CE=B.
S bquare

Sty
b i
ko
1§ .\';-
fey
W%
[

ﬁn&)(

' B) !
i,

.
g
i
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bquare A.B::D. B, Sed D & E minoresfunt b 17. 7.
- quam A & B, utpote corum partes, Ergo A
- & B non funt minimi in fua tatione, contra
bypoth,
PROP XXV,

8iduo numeri A, B primi inter
. A,9. B,a. [ fuerimt, gui unum corum A
Cy 3. D -~ metitur numerna C, ad reliquum

B primms erit.,

. Namfiaffirmes aliquem D numerosB& C
, metiri, 4 ergoD metiens C, metitur A. ergo 2 11.4x.7,
A & Bnen funt primi inter fe,contra Hypoth,

PROP, XXVI

© A8, G, 8. §i duo numeri A, B ud

B, 3. quempiam C primi fucrint

AB,15. E.-.. ¢siam ex illk genins AB
oo. @&deundem C primus erit,

. Siferi poteft, fit iplorum

*- AB, & C communis menfura numerus E. fitque

) ’% —F 3 sergo AB—EF ; bquareE.A:: B.F. 2 9. 4x. 7.
, Quiavero A primuseft ad C quem E metitur, big.7.

~ ¢erunt E & A primiinter fe; 4 adeoque in fua € 25. 7.

. proportione minimi,& e proinde zque metiuntur dz23.7.

. B,& F3 nempe E ipfum B,& A iplum F, Quum ¢ 2L, Z,

- igitur E utrumque B, C metiatur, non erunt illi

- primi inter fe, contra Hyoth,

PR O P XXVIIL

A, 4. Bys. 8iduo numeri, A, B, primi

Aq, 16, inter fe fuerint, etiam exuno

D,4. corum genitus (Aq) ad reli-
quwm B primus erit.

Sume D—A;ergo « finguli D,& A primi funt a 1. ax. 7.
ad B. bquare AD, vel Aq, ad Bprimuselt. b6, 7,
Q- Eo D'. ‘ -

PROP;
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a36.7.
b 7.

ayy.

bas. 9.

a1%.4x.7.

EUCLIDIS Elementorum '

PROP XXVIIIL

A,s. C,4. Sidus mumeri A, B ad
B,3. D,3.  dwes mumeres C, D, u.
AB1s, CD,s, terque ad utrumque, primi
’ fuerins, ¢ qui ex ck gin
goemur AB, CD, prims inter f eruns. ;
Nam quia A & B ad C primi funt, aerit AB .
ad Cprimus, Eadem ratione erit ABad D ,
primus, bergo AB ad CD primuseft, Q E. D,

PR OP, XXIX,

A,3. B,2. & duo mumeri A, B pria!i ‘
Aq,9. Bq, 4. imer fe fuering, (o mubiipli- -
Acy2y. Bc,B, cans userque feipfum feceris 4~
liquem (Aq, & Bg,) ¢ g¢-
nhiexipfis (Ai’ qu primi inter feerums 5 ¢ fi *
quiin principio A,B genitosipfos Aq, Pq mulsiphi- *
cames fecerims aliques (Ac,BC;) (o bi primi inter
feeruns; & femper circa exiromos boc evenict.
Nam quia A primus eitad B, eeriit Aqad B .
prirus, & quia Aq primus ad B, serit Agad
Bqprimus. Rurfus quia tam A ad B & Bq,
quam Aq ad eofdem B, & Bq primi funt, b erit
AxAq, ideft Ac, ad Bx Bq, id et Bc, primus.

E: fic porro de reliquis, K] :
PROP XXX, ‘

8 Siduo numsari -
A.iBun,C13,Decce AB, BCprimi -

imer fefuerine,
etiam utcrqus fimul (A C) ad quembiber iBoram
AB, BCprimmerls, Etfuserque fimul AC o4
wmum aliquem iBorum A B primm fucrit, ctiam gui
in principio mumeri AB,BC primi inser fecrume.,

1. Hyp. Nam fi AC, AB compofitos velis,
fit D communfs menfura. - 4 Is meclewur redin
quum BC.ergo AB, BC non funt primi inser (e,
contra Hypoth, i

2, Hyp.
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3] Hyp. Poficis AC, AB later (e primis, vis
D iplorvm AB,BC communem efic menfuram,

b h'?iwrtotum AC metitur, quare AC, AB bro.uxy,
non funt primi inter fe, contra Hypoth,

Corll,

Hinc sumerue, quiex duobus compofitus, ad
wnum illorum primus eft, ad religuum gquroque
prisas eft.

PR OP. XXXI.

Omnis primmus sumerss A adomnem

As, B, 8, mumerum B, quem non metitur, pri-
mus eff. ’

Nam fi commmunis aliaiia menfura metiatur

utrumque A, B ; €non eric A primus numerus , 3 §8.def74
contra Hypoth,

PR O P. XXXII,

A4, D3 &i duo numeri A, B, fe mu.
B,6. * E,8. tuo multiplicames fecerint 2o
AB, 24. liguem AB;genitum autemcx
ipfis AB metiasur aliquis pri-
mus numerus D 3 is ceiam unum corumyqui & prin-
cipio, A, vel B metictur,
Pone numerum D non metiri A; fit vero
52 =E.sergo AB==DE. bquareD. A::29. 62.7
B. E. ¢ efvero D ad A primas. dergoD & 27 7
A minimi funt in (ua ratione ; ¢ proinde D me- © . P
.yitwr B, zque ac A metitur E. liquet igitur pro- 3 :'7 "
pofitum. 37

e21,7.
PR OP, XXXIL

A, 12, Omnem compefitum numerum A,alia
B, 2, quis primas Aymerm B metitur.
Unus vel plures numeri 4 metian-
we A, quorsm miglmus B, is prime eric 2 13.def.7
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a 13.def.7. nam fi dicetur compofitus, 4 cum minot aliquis

b 11,4x7,

233. 7

323.9,
b3.7.

€9 4x. 7.

d17 7.
€. 7,

fo ax.7.
gl ax. 1.
b1y 2.°
k fappaf.
Fao.def 7.

metietur,b qui proinde iplum A metietur;quare
B nofi ¢ft minimus corum, qui A metinntur,;
contra Hypoth, toe :

PR O P. XXXIV.

: Omnis numerus A, dus primus cff, st
A, 9. eumaliquis primus metitur.
am A neceflario vel primus eft |
vel compofitus.  Siprimus, hoc eft quou afferis
mus_ A compofitus,4 esgo eum aliquis primus
metitur, Q, E.D.

P R OP. XXXV.

A,6. B,4. C,8,
D,z. . H.-{--K-:.2
E,3. F,2. G, 4. L..- .

Numeris datig quotcungue A,B,C reperire mini-
mog omnium E, F, G candem rasionem cum ¢ ha-
bentium. .

$i A, B, C primi fint interfe; ipfi infua rari-
one minimi g erunt. Si compofiti fint, b efto
eorum maxima communis menfurd 1,qui ipfos
metiatur per E, F, G, Hi minimi erunt fo raci-
one A, B, C. .

Nam D du&usin E,F, G ¢producit ABC,
4 ergo hi & lli in eadem funt ratione, Jam puta
alios H,1, K minimos efie in eadem 3 ¢ qui pro.
pterca zque metientur A, B, C mempe pernu-
merum L. fergo L in H,L K ipfos A, B, C
procreabit, g ergo ED — A —HL. bhunde E.
H: L. D, SedEgk—H; lergo L= D, ergn
D non eft maxima communis mentura ipforum
A, B, C; contra Hypoth, :

Coroll,

Hinc, maxima communis men(ura quotlibet
’ T . pume-
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numerorum metitur ipfos per numeros, qui mis

nimi {unt omnium eandem rationer cum ipfis
habentium. Ex quo patet methodus vulgaris re.
ducendi fra@iones ad minimos terminos.

PR O P, XXXVI,

Duobm numerss datk A, B, repevire, quem i
minimum metiunsur, symerun,

. A, 5. B4 1.¢4f. SiA,&Bprini
- AB, 20, - fintinterfe, eft AB quafitus,
: Deoeean Nam liquet-A & B metiri
E--. B o-e AB, Sifieri poteft,metian-

' tur A & Baliquem D—1AB;

putaper E &F, aergo AE==D—<BF, bquare , , .~

A B:F.E. Quia vero A, & B ¢primi funt S 027
inter fe,d adeoquein (ua ratione minimi,c2que = :
metientur A iplum F, ac B ipfum E. Atqui . p
B.E f:: AB. AE (D.)gergo AB etiam metie- dz”. \
wr D, feipfo minorem. Q_ E, A. 23.7

i ez, 7/
A,6. B4 Foes 2, Caf. Sinf17-7: -
C: 3- D’,z.» G....H-.. A, &B irirte: fe g2o.def.7;
AD,132, compofiti fue-

. vint,breperian- h 35, 72
tur. C, & D minimiin eadem ratione. gergok 19, 7.
A D—=BC. Erit A D, véI B C quafitus,

Nam ! liquet B, & A ipfum AD, vel BC 1y ax.9]
metiri. Puta A,&B meriti F3AD, nempe - .
Apet G,&BperHomergo AG—=F—BH. m'g.ex.7.
#unde A.B:: H, Go:: C.D. pproinde 2qbe 19, 7.
meritur Cipfum H, ac Diplum G. aiqui D. G ¢ u,&:
g:: AD. A G (F.) ergo A D r metitur F,major par. .
miporem, Q E, A. N q.17. 7.,

, : L 2.def. 7

Hinc, fi duo numeri multiplicent minimos
eandem rationem habentes, major minorem, &
rainor majorem, producetur numerus minimus,

eni illi metiuntur, : -

‘el metlon L PROP



162 EUCLIDIS Elementorums
PROP. XXXVII

A,z B,3. Siduo mumeri A, B :u3

3 eeene 6, merum quempiam C D me-
C--=-F-.-D tiantur ; csiam minimus E,

gquem illi mesiuntur, eandem

CD metictur. o

. Sinegas,aufer E ex CD, quoties fieri poteft,

abyp. & relinquatur FD—2E.quumigitur A & B s me-
beonflr. tiantur E,b & E ipfum CF, ¢ etiam A, & B me-
c11,4x.% tiuntur CF 3 4 metiuntur autem torum CD 5 4
d 12,4x,7, ergo ctiam reliquum FD metiuntur, ergo E non
elt inloimas,quem A & B metiuntur,contra hyp,

PR O P. XXXVIII.

A,3,B,4,C,6. Tribussumeri datis A,B,C,
D,12, reperire mimimum, quem illi me-
tiuntur.
216, 7. 4 Reperi D minimum, quem duoA, &B
36.7 : q

metiuntur; quem fi ertius C metiatur, patér D
efle quxfitum. Quod fi C non metiatur D, fic
E minimus, quem C, & D metiuntor. Erit

E requifitus.

A,2. B,3. C,4. Nam fingulos A, B, C
D,6. E,12.  metiriE conftatex 11, ax,
Fe.m 2. Quod vero pullum ali-
um F minorem metiantur,
b37. 7. tacile oftenditur, Nam fi affirmas, bergoD
. metitur F 3 b proinde E eundem F metitur, ma-
jor minorem. Quod eft abfurdum,

(oroll.

Hinc,fi tres numeri numerum quempiam mea
tiantur 5 etiam minimus, quem illi metiuntur,
eundem metictur,

PROP,
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PR OP. XXXIX:
A, v Si mumerum A quifpiam sumerws
B,4,C,3. B metimur, ille A quem B meti-

sur, partem habebit C, 3 metiense B
demominatam.

Nam quia & 4=C, b erit A=BC, cergo akbyp.
A B : bo. 4x.9.
E- :Bu Q.E. D- ’

' . €7.4x.7,
PROP, XL =~
8i numersg A partem babueriy
A, 15, - guanilibes B, meticsur illum nume<
B,3. G,5. rusC, & quo iplapars B denomi-
ratur. ‘ .
Nam quia BCa=A,berit £ —B. QED. ahp. &

PROP. XLI 9.4x. 7.

. b7.ex.7:
G, 12, . Numerumreperire G, quiminia = -
Ho-sc  mus cxm fir, babear datas parses ,
11

Pimjmd e

i . :
4 Inveniatur ,Gs ;’::Einimus, quem denominato- 2 33, 72
res 2, 3, 4 metiuptur. b Liquet G habere partes, b 39. 74
1, 4,4, Sifieri poteft, H-2G habeateafdem
partes 3 ¢ergo 2, 3, 4 meviuntur H, & proinde € 40,67
G non eft minimus, quem i, 3, 4 matiuntur,
© comtra conftrg



i14. 9.
b23.7.
cai, 7.

a1y, 9.
b24,. 7.
€29. 7.
d1, 8,

e17.7,

(164),
LIB. VIIL

PROP L

A,8. B 12, C,18, D, 14,
’ Erﬁ:-G--:H--.-’ 7

2N fuerint quotcunque wumeri deinceps
proportionales A,B,C, D ; exsremi
vero ipforum A,D primi inter fe fu-
erint 5 ipfi A,B, C, D minimi funt
omnium candem cum ek rationem
blkl!ium. .

Nam,fi fieri poteft,fint alii toridem E,F,G,H
minores i illa ratione. g ergoex zquali A, D ::
E.H.ergo A, & D primi numer, badeoque in
fua ratione minimi, ¢ 2que metiuntur E, & H,
feipfis inores. Q. E. A.

» PROP?P IL
x i .
A,2 B,3. ,
Aq, 4. AB, 5. Bq,9. .
Ac, 8. AgB,12. f\Bq, 18, Bc, 27,

Niimeros reperire deinceps proportionales mini-
»m:i quoscungue jufferit quifpiam, indara rasione
Aad B,

Sint A, & B minimi in data ratione. Erunt
Aq, AB, Bqures minimi deinceps in ratione A
adB. '

Nam AA. AB4:: A, B 2::AB.-BB. item
quia A& B b primi funtinter fe,c erunt Aq, Bq
inter fe primi; 4 proinde Aq, AB, Bq funt
i minimi in ratione A ad B.

Dico potro, Ac, AqB, ABq, Bcinratione
A ad B quatuor effe minimos, Nam AqA,
AqBe: A.Be:: ABA (AqB.) ABB. e atque
A, B::ABq. BBq. (Bc) Quum igitur Ac, 8&

Bc

Py Y I . S G

o™~

T

rz
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Be finter fe primi fint, g erunt A¢; AQB, f29.9,
ABq, Bcquatdor 3 minimi inratione A ad B, gf-l
Eodem modo ‘quotvis proportionalesinyeftigay =~ ~
.‘_.”'?S'Q-,.Ee F!' T :

Coroll,

1. Hinc; fitres numeri minimi funt propors
t_lo:iales, extremi quadrati erunt; fi ggmor,‘
cubi, :

3. Extremi quotcunque proportionales per
bhaac propol. inventi in data ratlone minimi, in-
ter fe primi funt,

3. Duonumeri, minimiindataratione, me= .
tiubtur omnes medios quotcuhque minimorum - -
in eadem rationeé ; quia fcilicet producumur ex
illorum multiplicatione in alios quofdam nu.
meros, g

4. Hinc etiam liquet ex conftru&tione, feries
numerorum I, A, Aq, Ac; 1,B,Bq,Bc; Acy
AgB, ABq, Bc, conftare zquali muldtudine
numerorim ; ac proinde extremos numeros
quotcunque minimorum continue proportionas
llam, efle ultimos totidem continue proportio=
halium ab unitate, ut extremi Ac, Bc continue
proportionalium Ac,AqB, ABq, Be, funt ultim]
totidem proportionalium ab vnitate 1, A, Aq,
Ac; &1,B,Bq,Bc, '

$. 1, A,Aq,Ac; & B,BA,BAq ; ac Bq,ABq
fane 3-inratione 1 ad A, item, B,Bq,Bc; &
b;:g: ABq; 3¢Aq, AqB fung &;inratlong
}ad B, . '

PROP. IIL ,
A,8. By12. C, 18, D,28,  sifint quots
- cungue numeri
A, B, C, D deinceps proporsionsles, minimi omni-
wn candem cumeis ravionem babentjum ;. illorum
extremi A, D funs inser {f printi, )
' Ls Nam

‘
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LY

136 9.
b3, poft.7.
€9. ax.%.
di8, 7.
€75

fany]
237.7

b3.poff. 7.

EUCLIDIS Elmentorum

Nam fi 4 inveniaotur totidem numeri minimi
inratione A ad B, ilii now alii erunr, gnam
A, B,C,Dj; ergojuxta 2. coroll. pracedentis
extreml A & D primi funtinter fe, Q, E. D,

PROP, IV.

A6. Bys. Cys. D,3.  Rasiowibas ds-

i

H,4. F,24. By20, G, 15, tk quotcungue in -

[--K«-L-.= minimis terminig

. (AadB, &Cad
D) reperire numeres deinceps mimimos in dasis vaw
tionibus. ' ) )
. # Reperi B miniovum, quem B, & C metiun-
tur,& B ipfum B b 2que metiatur,ac A alierum
Fypwa per pundem H. bitem CiplumE,ac D
akterum G ®que metiantur : erunt F, B, G mi-
nimiin datis rationibus. Nam AH¢—F; &
BH¢—=EK.dergo A.B:: AH. BHe¢u:F. E.
imiliter C, D E. G. funt igiewr F, E; G
eincéps proportionales in datis rationibus. kme
minimi {unt in fifdem : nam pura alios LK, L
minimos effe. fergo A & Bipfos I& K, fpari-
terque C & D iplos K & L zque meriuntur.ergo

B, & Ccindem K metiuntur. g Quare etiam

eundem K metitur, feipfo minorem, Q.E.A.

A,6. B,3. C,4. D, 3. E,s. F,7.
H, %, G,30, 19, K, 31,

Ddtis vero tribus rattoribus Aad B, & C ad
D, acH ad F. tepett, ut priws, tres H, G, &
minimos delncepsinrationibus A ad B, & C ad
D. tunc fi E numerum k metiatur, b lume alee-
rum K ﬁuem Fzque metfatur 3 erunt quatuor
ﬂ,G,f, , deinceps minim}, im daris rationibus,

tuod nof alfter probabimus, quam in priori.

paree,

A, 6.
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A,6. B,3. C,4. D,3. E a2, F,%,
? H,24. G, 29, I,1s. 7
M, 48. L, 40. K, 30, N, 105,

Sin E non medatur I, fit K minimus,quem
E, & I meriuntur ; & quoties Lipfum K,toties G
iplum L,& H ipfum M metiatur, quoties vero §
ipfom K,voties F ipfom N metiatur, Erunt ML,
K, N minimi deinceps in datis rationibus ; quod
demontftrabimus, ut prius, ‘

-PROP. V;

Plani  numeri
C,4. E,3. C D, EF rati-
D,s. F,16. ED,18. omembabont ex la-
CD,24. EF, 8. seribus compofitam, -

r:" it

Nam quia CD.ED 4 C.E; 4& ED. EF :317.7.

CD g D FD ot R
2 F. atque £ b= 3 + B2, cerit rauo::-‘l’.d;{-f
i = -E——l- F' QE-D.
PROP VL

A, 16. B, 24. C,36. D,44. E, 81,
F,4. G,6: H, 9.

8ifins quotcung, mumeri deipceps proportionales
A,B, C, D, E 5 primus autem A fecundum B nos
metiatur, neque alins quifpiam ullum mesictur.

Quoniam A non metitur B, 4 neque quilibet 5 26 4ef.67
proxime {equentem metierur,quia A'.l?:: B.C::
C.D,&¢. b Accipe tres'F, G, H minimosin 35. 7.
ratione A ad B. quoniam igitur A non meti- R

. c5.4x.74
" tur By aneque F metietur G. ¢ ergoF noneft 5. 4x.74

unitas.d fed F, & H inter fe primifunt; ergogi;s7
quum ¢ fit ex 2quo A.C :: F.H, & Fnon ™ ™7
metiatur H, neque A ipfum Cmetietur ; pro=-
isde nec Biplum D, net Cipfum E, &c. quia
A.Cei:B.De i C E, &y Bodem modo

) ) Ls fumpts
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198
(8
)

235.7
. ble 7
&by

d3.8.

:z,l..lz.',
L CORfiT,

EUCLIDIS Elementorsm

fumptls quatuor vel quinque minimlsin ravioné
A arl';,gﬁendemx A'tpfos D, &E 3 acB ipfos

tietur, Q. E,D. -
‘ PROP. VIL
A’ ;' B’ 6. cl 12, Ds "4- _En 48‘0

- 8§ fins guetcumque wumeri deinceps proportiond- "

E, & F nari metirl,&c. Quare nulius allum me-- -

les A B, C,D,E; primm sutem A extremum B -

mesiasur ; & esiam mesitnr fecundum B,
Sinegas A metiri B, #ergo pecipfum E me-
tictur, contra Hypoth, ;o

PROP. VIIL

A,24. C,36. D,s4. B,81,  &iimer dues
G,8. H 14, 1,18, K,27.  sumeros A, B
E, i L, 48. M, 72, F, 108, imedid contimus

propertione ce- -

ciderintmumeri C, D ; quot inser eos medii com3
sinua proportione cadunt numeri, tot (2° imter alies

E, F candem cumilly babenses rasionem, medii

continus propersione cadens. (L, M.)

4Sume G, H,I,K minimos - In ratione
Aad C; beritexzquall,G.K:: A, Bc:: E. R
Atqui G, & K4 primi funt inter (e ; equare G
zque methwur B, ac K ipfum F. per cundem nu-

merum metiatur H ipfum L, & I ipfum M.

fitaque E, L, M, Fita fe babent wt G, H, I, K;

hoc eﬁu&A,B, C,D. QE.D. - -
' PROP. IX

2 ' 8i duo sumeri

E, 2. F, 3. A,B, fintinter (e

G.4. H,6. 1,9, primi,; ¢ imer

A,8..C,12. D,18, B,27. ¢os medif conti-

e T . mus propertione

eesiderint mumeri,C, D ; quos inser cos medii come

. . . tinua

Pi o e te sy .
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simua proportione ceciderins wumeri gotidem (E,G,
?‘ F;l) ¢ inter wrumque coriim ac sinisascm wts
4§ consinua proporsionc cadens. ‘
Conitat 1, E,G,A; &I,F,I,Befle &=; &
totidem quot A;C, D, B, nimitum ex 4 coroll,
2.8, QE. D, Co ' ’

PROP, X;

A,8. 1,12, K,18, B,27. si imer dueg
- B, 4. DF,6. G,9, sumeros A,B, ¢
D,2,. FE3. _ umisatem comtinue
SO proportionaies ce-
ciderins  mumeri
(E,D,& F,G,) quotinter utrumgque ipforim, &
unitatem deinceps medil continua proportione ca~
dunt numeri, tosidem (2 imter ipfos medii continus  ~
proportione cadens, I, K, -
" NamE, DF, G; &A, DqF (1,)DG (K,)
B funt =, per 2, 8, ergo, &c. ‘
PROP XI
A,3. B,3. Duorum quadrasoram
Aq, 4. AB,6. Bq,9. samererum Aq, Bq unm
_ * medins proporsionalis cft
tumerss AB. ¢’ quadratam Aq ad quadrssum

Bq, duplicatam babes laséris A ad lasws B rasio-
nem,

" a IAiquet Aq, AB,Bq, efle i bproindecti a1y, 7,
A _ A . 5% D - b1o.def 53
am Bq— % bis, Q. E. D, : .

PROP,



I PO Stk tanishtiahel

U TR, )

as I

PR OP. XIL

Ac,2y. AqB,36, ABq, 48. Bc,64.  Dusrum

A,3. B4 cuborum ny-
Aq,9. AB, 12, Bq,16) . merevam Ac, .

Be duo medii

proporsionales funt mumeri AqB, ABq.  Et cubus

Ac ad cubum Bc sriplicasam habee lateri A ad

lasus B rasionen. :
4 Nam Ac, AqB, ABq, Bc funt-3 in rattose

b1o.def.g. Aad B. b prolude A¢ — Ater. QE.D.

22, 8.
big. 7.

&8

BC ™ b
PR OP, XIIL
A,2, B3 C,8,

Aq,¢ AB38. Bq,16. BC,32. Cq,64)
Ac, 8. AqB,16. ARBq, 33. Bc,64. BqC,118.
. BCq, 156, Cc,51a,

i fint quotlibet mumeri deinceps proportionales;
A,B, C; & muttiplicans quifque feipfum faciat
aliques 5 qui ab illie produdi fuerint Aq, Bq, Cq
proportionales eruns: ¢ finumeri primum pofiti A,
B, C mulsiplicantes jam faifos Aq, Bg, Cq, feces
vins ahiguos Ac,Be,Ccyipfi quoque proporsionales
srums, € [eraper cived exsreomos boc evemies..

Nam Aq, AB,Bq,BC,Cqafunt=% bergo
ex £quo Aq.Bq :: Bq, Cq. \ E.D. :

.4 Item Ag, AqB, ABq, Bc, BqC, BCq, Cc |
funt =, b ergo iterum ex 2quo, Ac, BC ::Bc,
Ce. QE. D. :

PR OP XIV,
Aq,4. AB 12, Bq,36, Si quadratus nu.

A, 2. B,6. merus Aq quadra<

, tum numerum B
metiatur, (o Latus unius (A mesictur Latus alterius
(B¢ funius quadratilatus A'mesietur lasus ale
terius B,¢o° quadratus Aq quadratum Bq metietur.

- 1. Hyp». Nam Aq. AB 4:: AB. Bq; cum
igitdr ex Byp. Aq metiatur Bq; idem Aq fe-
< cundum
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cundum AB b metiewr.atqui A c%.)AB A B.b7.8,

¢ ergo etiam A meritur B. Q, B. D. c20def.y.
2, Hyp. A metitur B, ¢ ergotam Aq ipfam

AB, ¢ quam AB ipfum Bq metitur 3 4 & preinde d 11, 4x.5]

Agmetivur Bg. Q. E. D,

PROP XV,

A, 2, B, 6. 8i cubme #-

Ac,8.AqB,24.ABq,72.B¢,216. merus Ac eu-

: bum wumerum

Be metiatur, ¢ latus uniss (A) metictur latus

alserins (B:) Etfilatus A wnins cubi Ac lasus B

alterius Bc metiatyr, ¢ cubus Ac cubum Bc
metietur. '

1. Hyp.-Nam A¢,'AqB, ABq, Beafune—4, 22.&12.8,
ergo Ac,b metiens extremum B, ¢ etiam fe. bbys.
cundum AqB metletur, arqui Ac, AqB:: A K ¢7.8.

d ergo etiam A metietur B. Q.E.D. .

2. Hyp. A metitur Byd ergo Ac metitur AgB, d20.def 7,

ifque ABq, & bic Bc; ¢ ergo Ac metiewr Be, € 11.4x.7.

PROP XVI.

A,4.  B,9. © i quadratus numerus ;\;{
Aq,16. Bq, 81. quadratum numerums Bq non
' : metiasur,Ncque A lasus unius

dlterius Latus B meviesur : € fi A latus umius quav ™
drati Aqnon metiatur B Latus slterius Bq, neque
quadratus Aq quadratum Bq mesietur.

1. Hyp. Nam fi affirmes A metirl B,4 etiam 2 14, 8,
Aq ipfum Bq metietur, contra byp.

2. Hyp, Vis Aq metiri Bq; s ergo A ipfum
B metietur, contra byp. :

" PROP;



173 EUCLIDIS Eiementorums

' PR OP XVIL
4,3 B3 - 81 cubms numersp Ac cus
Ac,8, Beyay.  bumnumerum Bc mow metis-
sur,meque A lasws unims lasus
B altevius metictur. Es fi latus A unius cubi Ac
latus B altcrius Bc mom mesiasur, neque cubus Ac
am Be metiesur,
815,83  1.Hyp. Dic Ametiri B; sergoAc metxetur
Be. contra Hypoth.,
" 3, Hyp. Dic Ac metiriBc 3 urgoAipfum B
meticcur, contra Hyp.

PR OP. XVIII

C,6. D,a. Duorum fimélinm pla-
CD, 12, aorum numererum CD,
E,9. ‘F,3, DE,18, EF, wnus medius pro-,
BF,17. pertionalis cft mumerns

DE: ¢ planus CD
ad plewum BF duplicasam baber Literis C ad lasus
bemslogum B rasiomem.
*a1, dc[ Quoniam # exhyp, C, D: :B F; permu-
219.7. tandoerit C,E :: D F. arqul C.Ea: :CD,
b1k §. DE; 4& D.F:: DE. EF, bergo CD DE::
DE. EF. QB.D, -
caodef s, ¢BrgoratioCD ‘ad EF dupliclta eft rationis
o “D ad D E}; hoc eftratlonis CadE vel D
~ F‘

Coroll,

Hine perfpicuum eft, inter duos fmiles plas
00é cadere unum medlum propoulonalcm, in
ratlone laterum homologorum.

PROP,,
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PROP XIX.

CDE, jo. DEF,68 FGE, 120. FGH, 240,
. CD,é6. DF,12, FG, 24.
C,2 D,3. B,5. F, 4. G,6, H, 10,

Duorum frilium (olidorum CDB, FGH, du¢
medli proporsionales [unt numeri DFE,FGE, Es
folidus CDE ad folidum FGH triplicatam ratio-
sem habes laseris bomologi C ad Lasus homologum Fo
Quoniamex* hyp, C. D :: F. G; & D, *21def 5,
E:: G.Hj; eritapermutando C.F::D. Ga:32 13,7,
E.H.atquiCD. DFb::C.F; & DF, EGbu: b1y, 7,
D.G. ¢quareCD. DF :: DE. FG:E. H, c11, 4,
dergo CDE. DFE::DFE, FGE:E. H.sid 17,9,
FGE. FGH, ergo inter CDE, FGH cadunt
duo medii proportionales, DFE, FGE. QE.D,
¢ Liquet igitur rationem CDE ad FGHuripli- e 10.defx.
catam efle rationis CDE ad DFE, velCad F, ~ ~

Q.; E.D.
Coroll. -

Hine, inter duos fimiles folidos cadunt duo
medii proportionales, in ratjone laterum homio.
logorum.

PROP XX

A 12, C,18, B,2y. §i inter duos nus
D,a, E,3. F,6. G,9. meros A, B, unusmied

- dius proportionalisca-
dat nismerus C.fimiles plani eruns illi numeri, A,B.

4 Accipe D, & E minimos inratione A ad 2 34. %
C, velCad B, bergo D zque metitur A,acE bz1, 7,
ipfum C,puta per eundem F.bitem D 2zque me.
titur C ac Eiplum B, puta pereundem G. ¢ er- ¢ 9. ax.7?
go DF—A, & EG=B. 4 quare A, & B plani d 16.def.7,
funt numert, Quiavero EF¢c—=Co¢—=DG;
eerit D. B2 B G, & viciim D.F :: E. G, e19. 7,
fergo planinumeri A, & B ctiam fimiles fune,  21,def7.

s PR QP
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PROP. XXI .

A16. C,14. D,36. B, 54. §i inter
E, 4. F,6. G,9. duos nime-
H,2, P,2. M,4. K,3. L,3.N,6. ros A B dus
medii pro-
portionales cadant mumeri C,D; fimiles [olidi eruns

B numeri, A, B.
a8, aSume E, F; G minimos-= in ratione A ad
bio. 8. C. b ergo E, 8 G funt numeri plani fimiles.
c21.def.7 bujuslatera fine H & P; illias K& L: cergo H,
dcor188.K::P.Lu:dE.F. Atqul E,F, G ipfos A, C,
e 21,7 D e zque metiuntur, pula per cundem M;
iidemque ipfos, C,:D, B 2que metiuntur, puta
f9.ax. 7 pereundem N fc:goA*EM HPM f&
g17.def7. B—=GN—=KLN; g quare A &B lolidi funt
numeri, %onhm veroC f—FM; & D f—
h1y.7. FN, etit M. N h::FM, FNg:: CDI:E
ky.s. FuHKuP.L mego A, & Bfunt numeri '
Yeonflr. folidi fimiles, Q.E, D.

mlld¢f7 -~ LEMMA

AE, BF, CG, DH, i proportionales

A, B, C, D, umeriA,B,C,D :
E, F, G, H. preporrienales mu- .
meros AE,BF,CG,
DH mesiantur per numeros E,F, G, H, erume ef
LE, ¥, G, H] proporsionales.
a9,y Nam ob AEDH 4—BFCG,¢ & AD—BC, -
bi.ex. 7. 6emAEDH-—-BF(‘G ¢ hoc elt EH— FG
€9, ax, 7.
dcrgoE F :G. H QE D.
ConB

. B .
d15.def 7 Hinc A—;l-: -A-mvx.dNam 1.B::BBqd&

slem.pmc.;ﬂ::BA.Aq.c er’gol:.%: ;—,%:. dergo =% -
B 3 B . Bq__ BC
X T SlmﬂlterA in —

reliquis,
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PR OP. XXIL

Aq, By C.  Sitres numeri, Aq, B, C
4, 8, 16, deinceps fine proporsisnales ,

primus ansem Aq fis quadratus ;
€ tertius G quadrasus erie,

Nam ob AqC4—Bq,berit C_—_—;]i-g c—_—;Q,E‘ 2207,

B 3 A by ax. 7.
Liquet vero -Zeﬂ'c numerum,d ob -A-q’vel Cru- ;r::’ - lem.
merum, ergo fi tres, &c. ' dbyp. &
N 8.
PR O P, *XXIIL 14. %

Ac, B, C, D. - §i quasuoy mumeri Ac,
8, 12, 18, 23. B,C,D deinceps fins pro-

portionales, primus autem
Ac fit cubus ; o quartus D cubus erit.

Nam quia AcD 4—=BC, berit D_-:;li.c —319.7.

¢ by.ax.yi
%-cx C 3 hoceft (Ob AcC—=d Bq’ &% proinde ";‘r‘::: l‘mu
B Bq B Bq - Bc o B. 20,‘7.
C= XC)D—' Ac “Ac ST Rec ¢=C: Aqe15.8

e Yiquetvero iplum %q efle numerum,quia E:

vel D numerus ponitur 3 ergo {i quatuor nume-
ri, &c.

PROP, XXIV.

A,16. 24, B,36,  §iduomumeriA,Bras
C,4. 6. D, 0. ‘tienem habeans inser (s,
quam quadeatus Rumerss
C ad quadratum numerum D, primus autem A fis
quadratus: € fecundus B quadrasus eris.
Inter C,& D numeros quadratos, * adeoque # 8. 8. -
inter B,& B candem rationem habentes, 4 cadit a 11, 8/
et o unus
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EUVCLI DIS Elementorum

unus medius proportionalis. Ergo b cum A qual
dracus fit, ¢ etiam B quadratus erit, Q.B.D,
) Corell. .
‘1. Hinc fi fueriot duo numeri fimiles AB, CD
(A. B:: C.D) primus autem AB fit quadratus,
ctiam fecundus CD quadratus erit.

#11,&18, *Nam AB.CD::Aq.Ca.

ars 8,
b3.8,
chyp.
da3. 8.

3.Liquet ex his,proportionem cujufvis nume-
#i quadrati ad quemlibet non quadratum, exhi=
beri nullo modo poffe in duobus numeris qua~
dratis. unde non erit, Q. Q:: 1,2,nec 1.5.:: Q,
Q, &e. '
PROP XXV

C,64. 96,144, D; 215, 8t duo wumeri
A, 8 12,18, B,27 A,B rationem inser
_ ‘ fe babeant , quam
cubus numerns C ad cubum numerum D, primus
axtem A fit cubus, ¢ fecundus B cubus erit, :
alater C, & D cubos, b adeoqueinter A&
B eandem rationem habentes, cadunt duo me-
dii proportionales, ergo propter A ¢ cubum
d etiam B cubus erit. Q. E. D,
Coroll. - .

1. Hinc etiam fi fuerint duo numeri ABC,
DEF(A.B:: D.E.&B.C :: E.F;) primus autem
ABC ¢ubus fuerit, etiam {ecundus DEF cubus
erit.

*13.&19. *Nam ABC. DEF :: Ac=De. A
8.

a_ls.s;
e e

2. Patet etiam ex his, proportionem cujanlvis
numeri cubj ad quemlibet numernm non cubuny
non pofe reperiri in duobus numeris cubis.

' PROP XXVL,
A, io. C,30, B, 45, Sinkiles pladki mumeri
D,4. E;6. F,9. A, Brationeminter fe
‘ babent, quam quadra-
sus numerss 4d quadrarum numerun. .
nter A, & B 4 cadit unuy medias Pf9'P'°“:1°:
o ) naiis
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palis C, b fume tres D, E, F minimos nra" ba. 3.
tioneAadC: ¢ Extrelln’b F quadratl erunt: ccor, 3, 8,
arqui ex zquali A. B d::D. F. ergo A. Btidur, 9,

Q Q, Q.B.D.°
PROP. -xxvm

A, 16, C,24. D,36. B;44. Similes folids
E; '8, F, 12, G,18, H 27. mumeri A,B rs.
' tionem  babens

inser fc, quam cubsus mumerus ad cubum numernm.
#loter A, & B cadunt duo medii proportio- a 19 8,
" nales,puta C&D ¢ bfumequatuor E, ¥, G,H b a.h
minimos ¥ in ratione A ad C. b ExtremiE : :
H cubi funt. AtA, Bc: E.H: C,C QE. D. c1g. 7.

Schel,

- 1. Exhis infertur, nullos numeros habentes pide Clas
. proportienem fuperparticularem, vel fuperbi- vigm,
. partientem, vel duplam,aut aliam quamcunque .
multiplam non denominatam i numero qua-

. drato, effe fimiles planon. )

2, Necduo quivis primi numerl, neque duo
?mcunque inter {e primi, qul quadratinon fint,
imiles effe poffunt,

M L1B



21%.7.
bib. 3,
c8,8.
d22,8,

(r78)

LIB IX. N
PROP. L :
A6, B, g4 |

Aq,36. 108, AB,324. ’

PR I duo fimiles plani mumeri A, B mubl
PN plicantes f¢ mutus fociam quendss

JS0%  AB.predullm AB qusdrasmertt. i

‘ Nam A.B &:: Aq. ABjcum ighur a:

inter A, & B b cadac unus medlus proponjona® i

lis,¢ etiam inter Aq,8 AB cadet unus med.pro- i

port.ergo cum primus Aq fit quadratus,d etian 2,

»

_ tertius AB quadracuserie, Q, E. D, A

x19.7.
yLax 7,

217.7,
brr. 8,
c8.8,

d 20, 8.

Vel fic.Sint ab,cd fimiles pleni, nempe 2. b::
c.d.x erg ad—bc. quare abcd, vel adbey=

adad—=1Q: ad. )

A4

PROP IL
: Sidusnumeri A, B f¢ ﬁ:"(’
A, S, B, 4. mutno mulsiplicantes faci- .
Aq,36.  AB,334. ent ABquadrenm fmics,
planieruns, A, B. e

Nam A, B&:: Aq. AB; quare cum lnter A9,
AB b cadar unus medius proportionalis, ¢ eriam
unusinter A, & B medius cadet, dergoA,&B ¢
funt fimiles plani. Q. E. D, o

10
PROP IIL u
A, Ac8, Acc,64.  §i cubws mumers A
) feipfum mulsiplicans pré-
creesaliquem Acc, produftms Acc cubmerit. 1)

atsdefy. Nami.AexA.Aqb:AqAcergointert&.,

b1y, 7,
c8,78.7

Ac cadunt duo medii proportionales. Sed 1. Ac#

1t Ac.Acc, ¢ ergointer Ac, & Acc cadunt ctf;"‘ 4
¢ w
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duo medii proportionales. Proinde cum Ac fit
cubus, def}:Amubus. Q.E.D. . da3.8,
. Velfic; aaa(Ac)in fe duftus facit aaaaaa]
(Acc;) bic cubus eft, cujus Jatus aa, |

PROP 1V,

Ac,8.  Be,2y, 8§ cubus numerm Ac
Acc,64. AcBc,216,  cubum numeruns Be mul-

- tiplicans, facias ali
AcBe, fattm AcBc cub o, » fucls aliguem
. Nam Ac. Bca:: Acc. AcBc. fed inter Aca1y, o
s & Bc b cadurit duo medii proportionalesysergo b 1a, 8,
- inter Acc, & Ac Bc totidem cadunt. itaque cum ¢ 8. 8,
- Acc fit cubus,d erit AcBc etlam cubus, QE.D. d 33, 8,
Vel fic, AcBc—aaabbb (ababab) — C:ab. ’

. PRQP V,

" Ac,8. B, 27 Si cubms mumerm Ac

Acc,64. AcB,216. sumerum quendam B mals
tiplicans , facias cubum

AcB; ¢ multiplicatus B cubus evit.

Nam Ace¢, AcB4:: Ac, B, Sedinter Acc, & 219, 7;
AcB b cadunt duo medii proportionales. cergo b1a, 8,
totidem cadent inter Ac,8& B.quare cum Accu- ¢ 8. 8.
bus fic, 4 ctiam B cubus erit, Q, E.D. d a3, 8/

: PROP VL

. A,8.-Aq,64. Ac,813, Si mumerus A fe-
ipfum mulsiplicans fa-

ciat Aq eubum 5 €2 ipfe A cubus erie.

Na2am quia Aqecubus, & AqA (Ac) b cus afyp)
bus, ¢ erit A cubus. Q. E, D. big.def.7.
| PROP. VIL €3.9:

A, 6. B,11, AB,66, Si compoftus numerus
D, 3. E, 3. , A sumersm quempiamB

mulsiplicans,  quempiam
- fecias AB, faitus AB folidus eris.
Ma Quoniam
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180’ EUCLIDIS Elementorum

a3 defy.. Qlic;niam A ¢ompofitus eft;s metisur cum a-".
bo #x.7." liquis DD, puta per B, dergo A=—=DE; ¢quate.
c 17.def 7. DEB==AB folidus eft. Q; B. D, ’ .
PROP, VIIL . e
1.3,3.2%9.a3,27.2%,81. 2%, 243,25 719,
-S4 4b unjsase qustsungsue mumerd deinceps propore -
tiomales fucrims (1,a,a% a3, a4 &c.) unis
quiders ab usitate a* quadratas eft €7 unum inter= ¢
mitseics omncs (at, 36,28, &C.) quartm dusem
ald et cubms, ¢ dues intermirsemses ommes (36,39,
&c. ;feprimus vero a6,cubus fimnl (o quadratns; @«

qui;‘qquc imtermissentes ommes (a2 218 &c.) e
" Nami, a? = Q.a, & a* —aaaa—Q 2,
& a6—aaaaaa—Q.2aa, &c¢. (r

2, a3} —122a—C, a.& a 6 —azaaaa—C.

22, & a32232222—=—C, 2aa, &«¢. i

- 3. a6——aaaaaa==C.2a == Q, aaa, ergo, &¢.

a byp. Vel juxis Euclidem ; quia1.3 ¢ :: 2.2%,berit

bio 2, a?—=Q:a ergocum a?; al, a+finr X cerit

€22, 8, tertiusa+ ctiam quadratus pariterq; a5, ad,&e T

- Iemquia 1,a4::2%.a3. erit a3 b=a? inaz=

" d23,8, Ciadergoquartusab a3, nempe a6, eriam cu-

. bus erit, &¢. ergo as cubus fimul & quadratus
. piltic, &c,

PROP. IX, Ly
12,4 a%,16. 23,54, at, 256, &¢. ;hv
r.2,8, a2,64. a3, §12, a+, 4096, ¥y
8i ab unitase quoscumque mumeri deimceps pro- i,
.~ .portionales fucrimt (1,a,a% 2%, &e.) qui wrd ¥,
~ - (2) poft unitusem fiv quadratus ;' ¢5° reliqui ommes,
T A%, a3, at . quadrati eruns, At aguipf L
" unitatem,fis cubus, (@ religui ommesa®,a 32t &e Gy
subierume.. . o ] . XY
1 Hyp. Nama?2, a4, a6, &¢, quadrarifunt iy
212, 8, € przc. ftem quia a ponitur quadratus, 8 ¢t

tertfus a¥ quadratus,pariterque a § a7, &c.erg?

omnes, ’ ) :

2, Hip
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2. Hyp. acubmponitnr,bergoa“ 7. aloba; 8 .
cubi funt: atqui ex preced. a3, a6,39,&c. cubi

Junt, deénique quis't. a: a. aa, ceritad—(Q, €120, 7,

-a.cubis avtem in fe dfaéir cubamiérg a? cus d 3- 9

-bas eft 8 ¢ proinde ab eo quartus a3, pariterque ¢ 3.8

‘a8 a“,&c.chbi‘funt ergo oifines. : Q K. D.»

Claﬂns forfitan fie ;' Siv quadrael a tatush, e
gbferles a,a%al ,¢4,&c. -alicer exptimétur fié, .
b4, bs, b8, &¢. liquet vero hosomnesqua~ - . . 5 ¢
dratos effe; & fic' eriam exprimi pofle;Q:b, Q: ¢ ,,\. e
bb, Q: bbb Q: bbbb, &e. . L
~ Eodem modo, fi b laws fuerit cbl a; feries v V1O
ita nominari poteft ; b?, b6 bg,b", &c. v:l
C:b,C:b3,Q: b3 C: bs, &e, .
PR 0 P, X, s
1,3,a ,33,34 a ,56.‘ Si ab ummequu-
' x,z,q, » 16,32, 64y Gumque mumeridemceps
- proportionales
1,2,2%,43, &) Miveropaﬁummm ,‘)‘{
rquddmm, ue azm: ullus guadmu: S PP

“ ey a? ‘tersium abunibate; & 'unum mcmimm:

omues (34, 36, 28,) At fia, qui poft umisa-

tem,mon fit mlnq, nequenBys sting cubus erit pra-

seral quanwu ;b,uaum, @ dues inzcmmmg:

vmne:, a8 339, 3z (g'c ’

. H]p Nam E’ﬁerl ‘potefl, ficd?! gmd&tﬁs

‘ptingéras. quoniam igleut 2.2 4 272, 2%, atq; 4 p .

. hiverfe a’, aty: 2! dyfintque a‘, &t bqua- f“ oo
‘drat, primufque 4 * quadratus, ¢ erl:aé;iam 4
iddratos, contra Hyp, -

4. Hyp. Sthgi pou“ﬂ, fit a* cubus, - qlronl-
:nngmirdcx aa%, 26 :ra. a3, atquein. gy,
verfe a6, a% :: 23,23 bﬁmque 6, & 2% cubi, 7.
& primus a3 cubus ‘atlam a cubus erit! con: ¢ 3¢ 8,

'[’a Hypo‘hu R o4 L

l:»

c:4.8 13

s e
Y

s - M3  RROP

—ta
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EUCLIDIS Elementorum
PROP. XL |
3,3, 2% 2%, 3%,2%, 3, .. 8§ b«

1, 3, 9, 37, 81, 343, 739» . Mitase g

: o cumpsnumet]
deinceps proportionales fuerim (1,222 3,&.)
i m metitur per aliqmm covam quiis

mimey
proportisnalibus funs numerie

_ aa ETTI
3oy & Quoniam 1.:::a.aa,aeric—; =A='

w0.def7.

b1g. 7. itemquiaz.2a b::aaaz aerit _a_:a —ac

s ‘
;.;-_;_-;.3 &c. denique .quia 1, a3 bia, a4,

.4 4 a‘ . NN
acric - =al=L ke o
- Corel, .-
- Hinc, i numerus qul metijur aliquens ex pro-
portignalibus, non fit units \froporp‘lomlium»
neque numerus per quem mctitur,erit aliquls,ck

: B

proportiomalibus, — © L T
PROP KM
1, a, a3, A8, a8, 7 Siqb unirate quetiusq;
1,6, 36, 316, 1396, mumeéri deincehs propopsiv:
B, 3.0 malesfuerins ( 1, 3,.8%
. s . ;3’ 14. qui‘u’wﬁpf
morum suserarum B ultinun 3% mesiumtur

- (BYF eum(A )qui unisati proximus eff, mesicutir:

. Dic B non meti 2,4 trgo Bad ai‘)rlmﬁsﬁﬁ 3
bergoB'ad A% primus cfty & ¢ proinde ada
qed megiri ponitur. Q. E. A, - ,
Corell, .- :
1. Ttaque omnis nomerus primus ultimum
metiens, metitur quoque omnes alios ulkimum
pracedentes, . s

Nt PY pee AZ L. pd v F

S P ¥ FX gy Sl A I e .y
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2. Sialiquis nymerus non: metiens proximum
upitatd, metjatur ultimum, erit numerus com

pofitus.

3. Si proximus unitacd fie rlipgs'ugi‘beriu,‘“
nullus alius primus numerus ultimum medetur,

PROP XHUL - .- .

1, 8, a4, 43, 4:. R 58 ub - mnitése
1, 5, 25, 125, 635, . quetcunque mumeri
] :;G., - F.; E.- deinceps propertios

ales fuerins ( a,

. a2 a3, pc.) quivero poft unitasem (a) primus.

fis -, maximum nullus alivs metictur, prater cos qui
funs innumeri proportionalibus.
Sifierd poteft, aliusquifpiam E meviarur g4,
nempe per F, 4 crit E alius extra 4, 42, g3, acor.1239 .
Quia vero E metieas a* non metitur 4, b eric b2 ¢or.12,
Enumerus compofitus 3 ¢ ergo cunraliquis pri- 9.
mus metitur, dquiproinde ipfum a* merjuyr 3 € 33.7.
cideoque alius nan eff, quam & ergo ameti- d 11.4x.7.
tur B. Bodem modo oftendetur F compofitus e 3-cor.%23
numerus,metiens ¢*,adeoque sipfum Fmetirl, 9.~
jtaque quum EFf==a*—sina? gerica E:: F, f 9. s’
&3. ergo cum 4 metiatur E, b 2que F metietur E 19, i.
&35 puea per cundem G. k Nec G erit s, vel 42, h3o.def. 70
ergo, urprius, Geft pumerus compofitus, &4 k cor.11:9y
eum metltur.quum igitur FG f—a’ —a®ine,
erics, Fi: G. 4% ; & proinde, quia, A meeitur ‘
%,b zque G metietur 4%, (cilicet per cundem Hy - B
kquinon eft 4. ergo . quun GH-z4% =44, 120,71,
leric H, 4224, G. ergo quia s metitur G (ut m 20.déf'7
prius ) metiam H metietur ¢, numerum prj-
mum, Q.F,N.



»y EUCLIDIS ~Elamentorum
PROP XIV, - °

it Kpgo. ol simfumumuummmA'
B, 'LEC, - D,s. . primiwumeriB,C, D me-

‘== " Hiamsur; nallus alius Rume.
kL pmlu: E illum meije. *

tur, prasereos, quid pmmplo Wectichansur.

29.4x.%. -Siferipogelty ic A A =F.u Ergo A—€E’ °

b32. 7. bErgofinguli primi nunmi ‘B, C, D ipforum
E, Funum metiuntur; non E qui primus po-
nitur 3 érgo Fminorem (cxhcet iploAj; contra
Hypoti. o L
TPROPR XV, oo
;l Aﬁp B 12. C, 16.*s;muumr:;‘:k8fc
I EQ ‘ inceps propertionales,fue-
. ai ‘vimy ;t’mimlp omnium ,éa-
: dm m‘iy[i‘s vasionews’ bubewsium 3 due giitibet

SN T campafith ad véliquonm primi evam.

AN L

- gSainéD; & E minimos in ratfone AadB:’

i .3,5". 7. .

bi. bergo A‘-—Dq b& C=Eq;b & B—=DE. Qgta

' v:x?D adE¢ p’rlmus“eﬁ derik D+E primus dd'
""" o ElosD & E. *erg oDin\D-;-Ee-—‘DgE

A+B) adB $ eR, g Ideoquie a

g' : e vel‘E(f QE:D. " pl;:"";g ﬂbl!—»’liq 4+-C)

Ehriss. adD?r!hms of,& proinde ﬁ"ﬂ ‘A=Dq,QE:D.

g2y.7. Denigaequia B "ad Du4E b Prlhus eft-iis ad

h16, 9, bujis Qundfatum k Dg-v 2 DE + Eq (A -+ %

k 4.2, BL;.C)pﬂmuS erit: fquare ideim B ad A+B+C

3oy ltiaeoquead A+C pnmhsmt. Q. E D, - *

if(f!i:;.il.i PR
. ;

R NS

PROP,

RESIDT I Doe
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. Liber IX. .7 i8¢
~ PROP XVL

A, 3.7 B,5. Coeer v« Siduonumerl A, B priz
<o B mi inter (e facring;non eris
deprimus A ad fecundum B, isa fecundus B ad ali-
um quempiam C.
- Dic A.B:;:B.C. ergoquum A & Binfua - - °
ratione & minimi fint, A b metietur B zqueac Ba23. 7. -
ipfum C; fed A ¢ feipfum etiam metitur ; ergo b 21, 7.
A & B non funt primi inter fe, contra-Hypoth, <6. 4x.7.
PR OP. XVIL .

A, 8, B,13 C,18. D,3y, EB---
. 8i fuering quorcunque numeri deinceps proporsio-
nalei A, B, C,D, extremiausem ipforum A, D
primiinsey fe fins y mom eritus primus A ad fecune
dum B, ita wrimus D ad alinm quempiamB. =

DicA. B:: D, E, €rgoviciflim A. D:: B, B, )
ergo.quum A & D in fua racione & minimi fint, 2 33, 72 &
b metictur A ipfagy B; ¢ quare Bipfum C, & C b 21. 7.
fequentem D, 4 adeoq; A eundem D métietar; ¢ 20.dpf A
Ergo A & D non funt primi inter fe, contra d11.4x 7.
Hypoth. L L 2
S PROPXVIILIT R
A4 BS. C9, -~ Dushus numerie dusis AB, o
Bq,36. - comfderarean poffisipfisser-

. .. tius proportionalis C inveniri, )
" Si A medatur Bq per aliquem C, aerit ACag. ax.7-
—Bq.unde b liquet efle A.B:: B, C. QE.F. b per20.7
A,6.B,4.Bq,16. $inA nou metiatur Bg,non e-

[

S riv aliquis4ertius proportionaliss -~ .|
Nam dic A.B :: B,C.4 ergo AC=Bq. ¢ proinde c 2.4, 7,
p =C, Scilicet A metitur Bg,contra Hypoth, . -

A

PROP
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PROP X1X;
A8, By Gi8 D,3p.  Tribussume’
, BC, 316, rkdasi A,B,C,
' somfiderare 4n
poffis ipfis quartus propertionalis D inveniri.
a9.4x 7. $iA metistur BC per aliquem D, 4ergo
bax.19.7. AD=BC; bconltatigitur effle A, B:: C.a&
Q.8.E.
Sin A non metiatur B C, non datur quaris
proportionalis ; qued oftendetur, prout in pra-

cedenti,
“PROP. XX, ;
a " Primi numeriplures funs
w3 B,3. C, 5. omni propafics sulsisudi.
D, jo. é._-_-- X Bppgmm Rumscrozum

Sy A'SifDmlnimuc uem A, B, C metiuntur;
T D+t primus fir, Tes patet 3 i compaficus N
b33. 7. bergaaliquis primus, puta G, meitur D41,

~ 7 quingneftaliquis trium A, B, C; nam fiita,
cfuppef. quum iscroum Ds1,& d ablatimD métiatur,
d eidem relitgxam unltatem metiewr. Q.EB. A,

, Ergo propofitorum primotum sumerorum mul.
& 1AAX7. oo auda e per Dt ; vel faltem per .
‘" PROP XXIL
B ] 1 '3'*3‘ 2 3 o
C " AinBa BLF. . C..G.D10. |-

_ Siparesmumeri uo'tcun%:e_'AB, BC,CD cgq. .

pomannir, sosus AD parerss. -
26.4¢f.7. uSome EB—{AB& PC~L BC,& GD=}
b11.7. ' CTD.bliquet EB + FC3GD—=1L AD, ¢cerg
¢ 6.def. 7. AD eftpar numeins, Q E/L, . -

e & . ‘ P!{OP,

F1 a2 i Mg

[

P b BY = €3 BT
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PROP. XXIL
R SRR 1 >
Acﬁ-.-u FuB-no'c O‘G . Ciu. H- Dto L‘E “
® -7 ] 3
8i impaves mumesi guotcungue AB,BC,CD,DE
W,.mam Ausers ipforuns fis par potas .
wm. : . AU
Detra&ta unitate cx fiogulis Imparibue, 4 ma- a 7. def. ;
necbunt AF, BG, CH, DL numesipares, & =
b proinde compofirus-ex ipfis par erit 3 adde bisbar. g,
¢ pavem numerum conflatum ex refiduis unita- ¢ byp,
tibus, 4 totusidcirco AE parerit. Q. E,D. g, 7.
PROP XXIIL . =~
N A} o 8¢ impores an-
A Buiw CoB. D1y Meri qustcungue
, 3 AB, BC,CD
- compenantur,mui-
sisudo ausem ipforum fis impary (o sosms AD smper
orit ‘

Nam demxto CD uno imparium,religuerum -
egatus A C 4eft»d;ar numerus. huic adde 332, 9.
1; btotus AE eft etlam par ; quare reftj- b21. 9. °
tuea unitate totus AD ¢ imparerit. Q. E.D,. € 7.7,
. PROP. XXIV. . .
4 s U Sidpsrisumere AC
AnuB.aD.Cao.. gur AB darabiryr; @&
N oy 'mBCparm{.’ _
impar fuerit,g erit BC (BD~-1) par. U E.D. a9.d¢f 3.
Sin BD parem dicas,.piopter AB b parem, cerit bhyp.

“ADpar; sideoque AC (AD-+1) impar, <on= ¢ 3l 9,

g2 Hypotb, ergoBC eft par. QE.D. -

PROP,



188 "EUCLIDIS Elementorum
PROP. .XXV.

é: 1 3 818 parinumers AB
A.auD.C..B1o, . impar AC dmdmw,
b4 : er nlxquu: CB m;cr

a7.def.9.. Nam ACt (AD) 4eﬁ par i'e DB -
big 9, efparcergo CB(DB—1) eft impar, B.:D. 2

§7-Mfp.- - PROP, XXV
4 6 X .- i ab imparimmens
- A,’...‘C......D.Bu A B impsr CB dars-
o N ' b.cur, nligmu ACpn -

. [ PN . ﬂ'ﬂ .....
3y. def. ¥, Nam A&-« ¢AD) & CB—a (CD) ofum
b'24. 9. .PﬁxeillcrgoAD-—CD (AC) eft gar. Q,ED
.PROP. XXVLI

!’4 ‘x6 <Stdmpmmlm :

ﬂ' D.UC.L.. B ABpar desrabasue CB
Mg TS g AC mpamii’
am AB—1 ( :
a7 def 7. “ﬁP“ 3 & C'B ponitur par. bergo rellquus :
b24. 9. me‘ . ¢ rgo CD+r (CA) cft impaf

;7drf7. E
Q‘ 'I’R p xxvm

A, 3, - 81 fopar wiherus A parem nume-

Bhgevici . . yai B mudsiplicant fm’m lbqluﬂl
in"ﬂ' f AB fellus AB pareris... <

aby &1y, N 'AB 2 componitur ex im-

def. 7. K P““ A mﬁﬂ' lthﬂo, quoties unitas rontmetm‘
varg bk d Pm bergo AB ¢ pat hurertis;

. Gobol, = . ruGas
- ;Eqkmmodo, {iA Wnnmems ya:, trﬁmB
par, .G oI stk

.’.TTI'.T‘T"" PROP



Lber . 1X. 189
PR OP. XXIX)

A;3. - Siimparnumerus A, imparem sy

B, $. merum B multiplicans feceris aliquem
AB,15. - AB, failus AB imparerit, - : K

Nam AB 4 componitur ex Bim. 2 15.def.7.
pari numero tories accepto,quoties uniras inclu-
diturin A etiam impari, zergo ABcfiimpar, b 23.9. -
Qf B- D- *
+ Scholium.

B,i2 (C,4. 1. Numerus A impar numerum
A o B parem metiens, per mumerum
A, 3. v )

parem C eum metisur. .

Nam i C impar dicatur,quoniam s B—AC, 3 g.ex.7.

b erit B impar, contra Hypoth, - b 29, 9.
B,s (C,s. 3, Numerus A impay nume-
A3 rum B imparem meriens per nu-

merum C imparem cum mesisur.,
Nam fi C dicatur par; 4 esit AC, vel B par, 118, 9.
contra Hypoth. - :
B,1s (C,s5. 3 Omnlsnumerus (A ¢’ C)
A3 mesiens imparem numerum Byefb
impar. .
Nam i utervis A, vel C dicatur par, aerit 2 28. 9.
B numerus par, contra Hypoth,
PR OP. XXX,
B,24  (C,8. Djia  E,4

A3 A3
§iimparmumerus A parem numersm B metia- 3 pyp,
tur, o ilius dimidinm D mesictur, - A b schol.

& Sic 5 —=C. b ergo C cit numerus pag. 29 o,
Sitigitur E—$C,erit Be—CAd—2EAe—2D. ; 9.ax. 7%
s , . ¢ b dta.
fergo EA—D ; & gproinde -2 —E. Q, E.D. chyp

t7. 4% I

- §7.4%.7
PR OPD,
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PR OP XXXI
A,$.0,8. C,16, D.-- & impar mume:
vus A ad aliquem nx-
mmehuF’ta‘diﬂudumc primus

Si fieri poteft, aliquis D medarur A, & C,
83.fcbsl. £ orgo D metiens imparem A impar erit,b ideo-
29.9. queipfum B paris C femiflem metletur, ergo
b3o. 9. A,&B non funt primi inter fe, contra Hypoth,

Coroll.

Sequitur hinc,nsmerum imparem,qui ad ali-
quem numerum progeeflionis duplz primus eit,
primum quoque effe ad omnes numeros illius

- progreffionds,
PROP XXXII,
1. A, 3 B,s. C,8. D, 16, Numerorum

A,B,C,D,&ec.
a binario duplorum thufquifqae pariter par off tan-

um, ‘
2 6. defy, Conftatomnes A,B,C,D 4 pareseffe ; atque
bao.defz. b - nimirum in ratione dupla, & ¢ proinde
cIt g, Quemque minorem metiri majorem per aliquem
d 8, def 5. ¢x illis.d Omnes igitur B, C, D funt pariter pa-
€13.9, res. Sedquoniam A primuseft, enullus extra
€os corum aliquem metietur. Ergo pariter pares
funttaetum. Q, E. D,

PROP. XXXIIL

A,30. B i1s. Sinumerus A dimidjum B
. De-E-- babear imparem, A paviter im-
abyp. par eft tantum.
b9.def. 7. Quoniam impar numerus B £ metitur A per2
¢ 8.def. 7. parem, b cit B pariterimpar, Dic etiam pariter
d 9. 4x. 7, parem. ¢ergo eum par aliquis D per parem E
€19.7. metitur. unde 2 Bd—Ad—DE. equare 2.
: E:

o, 4Ty - W



Lver 1X, 19%

E:D.B. ut 2 f metitur p:renB ficD f6.ddf.y:
par imparem meti{ur. QEN '8 g 20.4¢cf7.

PROP. XXX[V

A, 24, 8i par numerus A, megue 2 binarie
dupins fis ,neque dimidium 43 impa

vem s pariser par cfb, €5 pariser impar.

Liquet Acfle Eantcr parem, quia dimidium
imparem non babet. Quia vero fi A bifarierur,
& rurfus ejus dimidium, & hoc femper fiat, tane
dem incidemus in allquem 4 imparcm (quia a7.def. 9%
non in binarium, quoniam A i binario duplus
nom ponitur ) is metietur A per parem numerum
(oam baliasiple A impar effet,contra Hypoth )b z[d 19.
ergo A eft etiam pariter impar. Q. E.D

PR O P. XXXV.
A 8,

4 8
B esey F sweeere G [z.‘
00000000 s000ge 00t l 8._ !
9 6 ' 4 8 '
D.vwerre Hue Lo Kooor, . N2y,
sifim qumugue sumeri lcmup: proportiens:
les A, BG, C, DN, detrabantur autem £G 2 fe-
cnllo,@' KN ab umm, iualcs ik primo A ; erie
us fecundi exceffus BF ad primum A, ita wlrimi
exccﬂiu DK ad ommes 8,BG,C ipfum amseceden-

l':'x DN deme NL—BG, & NH—C,

Quoniam DN. C. (HN) &:: HN. BG. afy..
(LN) « = LN, A, (KN, ) berit dividendo bs7. 5.
ubique, DH.HN:: HL.LN : LK. KN,cquare c12. §.
DK.C4+BG—+A :: LK (d gf ) KN.(A.)Q.E.D. d3.4x5.

Core

Hinc ¢ componendo, DN +BG+C, A +¢18.5.

BG+C it BG. A .

PROPT.
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PROP XXXVL-

1.A,2. B 4. C,8 D,16.
E, 31. G,63. H,124. L, 248. F, 496.
0T M3t Nyass, :
 Jh .-
§14b unitase quoscimque numeri 1, A, B, C, D,
deinccps exponantur indupla propertione quoad totms
compefitus B fias primus ¢o* sosus bic E in ulsimum

D mulsiplicatus facias aliguem E 3 faltus E erit -

pcrgtfhu. : :

ume totidem, E, G, H, L etiam in proposti-
2 14.7. onedupla continne; ergo 4 €x 2quo A, D::
big.7. E L.bcrgoAL-_:DEc::F;dergoL::{.'
<byp. quare E, G, H, L, F funt - in ratione dupla,
47. 62.7. Sit G— E—=M, & F—E=N. ¢ideo M, E ::

€35.9. NE+G+H<+L fatM—E. gerggN—_

f3.4x.0. p L G+H+L bego F—1+ A+B +

845 Co.D+E+G—+H +L—E~+N."
b2, 4x. 1. Quinetiam quia D k metitur DE (F,) £ etiam

k7. ax. 7. fingulin, A,B, C m metientes D, m nec nonE,
111.4x.7. G, H, L metiuntur F. Porro nullus alius eun-
miLg. demF metitur.Nam fialiquls, fit P, qui metia-
n9.ax.7. ‘tur Fper Q mergo PQ—F—=DE. 0 ergo
o19.7, B. Q: P, D, ergo cum A primus numerus
P 13. 9. metiatur D, & pproinde nullus alius P, eundem
q 20. def 7 metiatur,q confequenter B non metitur Q.qua-
131, 7. recum E primus ponatar, r idem ad Q primus
f23.9. erit. fergo E& Q infua ratione minimifunt,
t21.7. &soropterea E iplum P ac Qiplum D zqua
ui3, 9, meriuntur.uergo Qeft aliquisipforum A, B,C.
Sitigitur B; ergo cum ex 2que fit B, D :: E, H;
x19, 7. xideoque BH—DE—=F —PQ. xadecoque
Y2145 Q.B::H. P. yerit H=P, ergo P eft etiam
_ aliquis ipforum A, B, C,&c. contra Hypoth.
ergo nullus alivs prater humeros predi@os eua=
223,def7. dem F metictur ; g proinde F eft numerus per=
te@us, Q. E, D, ‘ :
L1B.

*wny

ERPAV I s 75



LIB X
Definitiones. '

@Ommenfurabiles ‘magnitudines
N dicuntur, quas eadem menfury
) metitur,

4

} mmfmbdm:k um i, wA
p T Bsboceft, linca A S pedum commenfu-
nbilu cﬂ linea B 13 pedum 5 quu D lines
wuniws pedis fingulas A ¢ Bmetitur, Item
A/ 18 "'CL~/ o 3 quia of 2 fingulas 4/ 18,
A @'V;o metitur. Nam o/ ‘8—¢9*3.

VE=4y25=3 qure V/ 18,4/ 50
: 3 . 1.

II Incommenfurabiles autem funt,quomm
nullam communem menfuram contingit repes
riri.

Incommenfurabilitas fignificasur nota “TL.u o/
L 4/ 25 ¢ I; 3) boc eft o/6 incommenfurabilis cff
mumero §, vel magnitudini boc numero defignata s
quia barumnulla et communis menfura, us poffcs

bit. i

III. Re&z linez potentia commenfurabiles
fant, curh quadrata earum idem fpatiuin metia
tur,

N )
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ECVCOCLIDLIY Llementoruns

Hujufce commenfurabilitasis

A B muﬁ[wg.,w Al!“q_CD;

b.c.linea AB fexpedum poscn-

n 1D tia commenfurabilis ¢ff lince

HTOE C D, que exprimitur per of

n 20. quis [pasium E unius pedis

2 - quadrasl metitnr tam ABQ (35)

ol quam veangulum XY (20,)

cul aqusle cft quadrasum linee

CD (4 20) Eademasta G-

u 4 BIRRURGUAM VAles poreasih s4R -
3 tum commen[urabill,

5 IV.Incommenfurabiles ve-
10 potentia, . i quadratis eaynm nullum (pa-
tivm, quod fit communis corum menfues, con-
tiegix repeviri.

Hujufwodi incommenfurabilises denotaur fic

T vy 8sbec eft,mumerival linea 5, ¢ v /8
?un incommenfurabilcs posentia 5 quia barum qua-
drata 25, (5 4/ 8 fumt incommenfurabilis.

© W, Quz cum ita fint, manifeftum eft cuicuns
quere&x propofitz, retas lineas multhudine
infinitas,& commen{urabiles effe, & incommen-
furabiles ; alias quidem longhrudine & porentia,
alkas vero porentia folum. ocetur Autem pro.
pofita re8a iiner Rarionalis,
Hujur mosa eft ;.
VL. Et buic commenfurabiles, five lengiu.
::nc & potentia, five potentia tantum,Rariona-

35 P '

V'i I. Huic vero incommenfurabiles Irratios
nales vocentur,
Hefic denotantur j.

V1L, Etquadratum, quod propofita re@a
fit, dicatur Rationale jr.

-

xdand

IX. Etbuic commesfurabilia quidem Raris -

onalia ﬁa..

X. Huic



LAPET A, 293

X, Huic veroincommenfurabilia, Irrationas
lia dicantur, pa.
X L. Etre&z, quz ipfa poflunt, Iirationz.
les, 3. :
. Sebek
D Wt pofirema 7 de.
Jintiones  excmplo
aliquo fuftrentur ;
. fecirculus ADBP,
F cujus femidiameser
CB; buic infcriban2
sur lasera figurarum
ordinatarum,Hexe=
goni quidem BP ,
Tria AP, que-
P = 4raiBD, pemtagoni
FD. Itsque fijuxss
s defin. femidiamater C B fit Rasionaiys expofita,
humere 2.expreffs, cuj reliqua BP, AP,BD,FD . _
comparandz funs, 4 cvi¢ BP 4 — BC — 2, quare 2 cor.is.4:
BP¢fi § T BC,juxte 6, def, Item AP b—,/ 12067, 1;
(7sm ABq (16)— BPq (4) —=13) quére AP °
off "G BC, etiem juxta 6, def. avque APq
(12) eff gy, per def. 9. Porro BDb—,/ DCq
+BCq—y/8 ; unde BD¢ff ; - BCy ¢ BDq
pv. Denique, FDq—10—/"20 (us patebis ex
praxiad 1o 13, sradends) cris by, juxta 10 def,
@ proinde FD — o/ : 10—/ 20 ¢ff }, juxtart
defin. o

>
al
=]

Poftulatum.

Y} Oftuletor, quamlibet magnitudinem toties
pofle multiplicari,donec quamlibet maguis
tudinem cjufdem generis excedar,

N2 Asxite
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apofh. to,

B UOCLILLY LIEmMInorsms
Axiomata,

1. Agnitudo quotcunque magnitudines
N meticns, compofitam quoque ex ipfis
metitur,

3. Magnitndo quamcunque magnitudinem
metiens,metitur quoque omnem magnitudinem
quimilia metitur.

3. Magnitudo meticns totam magnitudinem
& ablatam, metitur & reliquam,

PROP. I

»1 Dusbmsmagnitudinibm inequalibm AB,
E C propofitis, fi 2 majore AB auferasur majm
PG quam dimidium (AH) * abco (HB) qued

L}

1 religuam eftrur[ws desrahasur maju quam
H dimidium (HL,) ¢° boc femper fiss;, relin-
T quetur tandem quedam magnitudo LB, que
minor erit propofita minere magnitudine C,

I 4 Accipe C toties, donec ejus multi-

ACL DF—FG—GE==C, Deme ex AB pluf=
quam dimidium AH,& i reliquo HB plofquam
dimidium HI; & fic deinceps,denec partes AH,
HI, IB zque multz fint partibus DF, FG, GE.
Jam liquet FE, que non minor eft quam § DE,
majorem effe quam HB, qua minoreft quam
4 AB 2 DE. Pariterque GE quz non minor
ettquam £ FE, major eft quam IB— § HB.er-
go C, vel GEc-IB. Q. E.D.

" Idem demonfirabitur, fi ex A B auferatue di-
midium AH, & ex reliquo HB rurfus dimidium
HI, & ita deinceps.

PROP,

! plex DE proxime excedat AB ; fintque-

X
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Liber X.

PROP IL

D §i dusbms magnitudinibus inequalibm

propofitii (AB, CDY) detrabasur [emper

iF minor AB de majore CD, alterna quadam

detraitione, ¢o reliqua minime praceden-

tem mesiatar 5 incommenfurabiles eruns
ipfa magnisadines.

~ Sifieri poteRt, fir aliqua E communis

menfura, Quoniamigitur AB detrata

ex CD, quoties fierd poteft, relinquit ali-

t quam FD fe minorem, & FD ex ABre-

197

A C Elinquit GB,& fic deinceps, standemre- 3 1, 10,
linquetur aliqua GB—3E. ergo,F b metiens AB, b byp.
¢ ideoque CF, b & totam CD;d etiam reliquam ¢ 3, 4%, 10.

FD metitur.c proinde & AG
GB, feipfa minorem, QE. A.

PROP. IIL

libus dars, AB, CD, maximam earum
1 communcm menfuram EB reperire,

T%E" Deme AB ex CD, & reliqum ED

L:G[' 1 Nam FB b metitur ED, ¢ ideoque ip: 4 confir.

Lex AB,& FB ex ED,donec FB metiatur
TABTLCD)erit FB qua

fam AF 3 fed & feipfam, d ergo etiam
AB,& ¢ propterea GE, d adeoque & to-
tam CD. Proinde FB communis eft

IC

menfuraiplarum AB, CD. Dic G communem

quoque efle menfuram, hac majorem 3 ergo G

sdergo & reliquam d 3, 4x.10.

D Dusbus magnisudinibus commenfurabi- L

ED;(quod tandem fiet,4 ;l:x;a per Hyp. 5 5. 10;
i

¢ 2.4x.10,
d 1,4x.10,

metiens AB,& CD, e metitur CE, & freliquam ¢ 5 4% 70,

ED, e¢ideoque AF, & {

major mivorem, Q.E. A,

N3 Coroll.

proinde reliquam EB, { 3 4,10,
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Corell,

Hine, magnitudo metiens duss magnhudi-
pes , metdrurt & maximam carum menfuram

communem,
PROP. IV.
A
B D
c B——F——

Yribus magnisudinibus commen[urabilibus daig
A, B, C; maximam carum menfuram communcen
imuenire. '
23,30, & Loveni D maximam communem menfuram
s dusrum quarumcunque A, B ; g item E tpfarum
D & C maximam communcm menfuram ; erit
E quafita.
beomfir. & aNamperfpicuum cft E metiens D & C b
2. 4x. 12, metiri tres A, B, C. Puta aliam F bac majorem
ccor.3.10, eafdem metiri.c ergo F metitur D 5 ¢ proinde &
7 B,ipforam D C maximam communem menfu-
ram, majot minoreth. Q. E. Aa

Corell.
Hinc quoque,magnitwdo metiens tres magols
tudines, methuy quoque maximam earum com-
munems menluram,

PROP. V.
A— D.4. Commenfura-
C — F.1. Dbiles magniti.

B—————— E.3. dincs A,Binter

. [e rationem bebens, quats namerus ad sumerum.
03,10, & Invonta C ipfarum A, B maxima communi
menfura ; quoties Cin A & B, toties 1 comed-
b 0.def 7, Neatur innumeris D& B. bergo C,A::1.D3;
ToT Y quareioverfe A, C 4D, 1, b arqui cxiamBC.

-
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B:r, E, cergoexzequali AB: D.E & NN €239,
QE. D, >

' PROP VL
~ E F.I.  siduameg:
OA— : C.4. nitudines 7{:“3

B e  D.3. inter f¢ propor-
tionem babeans, quammumerus C ad numerum D 5
sommenfurabiles erums magnitndines A, B, :
Qualis pars eft 1 numeri C, ¢ ralisfiat E ip. a fch.10.6.
fius A.Quonfam igitur BLAD ::1,C.arq; AL B b conflr,
¢:C.D; dexzquoerit E.B::1, D. ergo ¢HIP-
5 quum 1 emetiatur numerum D, f etitm E meti dz22, 5. \
¢ tur B; fed &ipfum A g meticur, bergo A2 B; & 5. 4%.7°

QE.D. s
. CORfir.
: PROP VIL . Ex.dg'.xo;
. A, Incommenfurabiles
v Bee— .agjitudiﬂt.l A,Bin.

i terfe proporsionem non babens, quam wumerusad
4 numeruns., .
. Dic A. B :: N, N, gergo A1 B, contra 36, 10,
, Hypoth, ' B
: PROP. VIIL .

A Sidnamagmitndines . .
B A, Binter fepreportio-
aem non habeans, quam mumerus ad sumernm, in<
commenfurabiles cruns magnisudines.

Puta A'TL.B 4 ergo AB:: N. N, contra 35,10,
Hypoth, '

e

4
»
]
|»
[}
b
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PROP IX .
A Qua & reitis linek longity-
B " dinc commenfurabilibm fiung
E, 4. quadrass, inscr [c proportio-
F, 3. nem habens, quam quadraim

sumcrss ed quadrasum numerum : ¢ quadrasain-
ser [e proporsioncm babensia,quam quadrasus mume-
rm ad qc:du;u sumerum, ¢ latera babebung
longisudme commenfurabilia, Qua vere 3 veiti
linci longirudine imcommenfurabilibus fiuns qua-
drasa, inser (e proporsioncms mon babens, quam qus-
dratys sumerms ad quadrasum nymerum : ¢ qua-
drasa inser fe proporsionem non babentia quam qua-
- drasss mumerus ad quadrasym numerum, nequc l4-
sers babebuns langiswdine commenfurabilia.
. I. Hyp. A. 1L B. DicoAq. Bq: Q Q,
2 per ,'w'A Na:: & fic A. B::num, Ié num, F, ergo
b20. 6. q, o _s_.i_ —-3
¢ [eb.33.5. g (bﬁ- bis) e= P bis. d =g ¢ ergo Aq.
d11.8. Bq:Eq.Fq:: Q Q. QE.D.
e1t, s, 2, Hyp. ch‘.‘ Bq:: Eck Fq:: (l)5 Q. Dico%
E"ﬂ“ bis. jergo AJB2E.Fu:N.N. kquare A ‘o
it 8. B QE.D.
1(ch.23.5. 3. pyp. AL B. Nego eflc Aq. Bq: Q.Q,
k6,10,  Namdic Aq. Bq:: Q. -Q, Ergo A 11 B, u
modo oftenfum:ett, contra Hypoth. -
4. Hyp. Non Aq.Bq:: Q, Q, Dico A ‘T
B.Namputa A1 B; ergo Aq.Bqi: Q. Q. ut
mododiximus, contra Hypoth,
' Corol.
Linez ‘r0 funt etiam “T}-;at non contra, Sed
linez 0 nen fune idcirco “G-. Linez vero ‘-
funtetam‘nn, -

~

PROP,

v S ke ee  iBei e
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PROP X

81 quasuor magnitudines proportio-
[mlc.f }ucrim (C.Au:B.D;) prima

vero C fecunde A fuerit commenfu-
rabilis 5 ¢g* sertis B quarsaD commen-
furabiligerss. Et fo prima C fecunde

A fuerit incommenfurabilis, (s’ tertia B

1 l ') quarta D incommenfurabilk cris.
CABD SiC1iA, gideoerit C_A:N, a3, 10,

N:i:B,D. bergo B D, SinC b6. 10, .

L A, ergo ¢ non erit C,A::N.N:uB.D, ¢7. 10,
dquare B2 D, Q. E,D. d38, 10,

LEMMA 1,

Duvs numeros planos invenire, qui proportionem
wonbabeant, quam quadrasusmumerus ad quadra-
sum sumerum.

Huic Lemmati fatisfacient duo quilibet nu-
meri plani non fimiles, quales funt numeri ha-
bentes proportionem fuperparticularem, vel fu<
perbipartientem,vel duplam;vel eriam duo qui-
vis pumerj primi. vid, Schol, 27, 8,

LEMMA 3,
. 7ANE T AN S A B;’?
D K M
—R 63
H

Invenire lineam HR, ad quam data reitalines
KM fis in rasione dasorum numerorum B, C.

& Divide KM in partes zquales zque multas a (th.10.6.
unitatibus numeri B, harum tot, quot unitares
funt in numero C, b componant re&am HR., b3, 1.
liquet efle KM. HR :: B. C.

LEMMA 3.

Tnvenire lincam D, ad ¢ujns quadratum dase re-
e KM quadratym ficin rationc daserum numero-
rumB, C,

_—

Fac
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a2 /em.10 FacB.Ce:: KM HR, acinrer KM, & HR

10. blaveni mediam proportionalem D, Erit KMgq,

b13.6. Dqe¢uKM.HRJ::B.C. .
. 6.

deonfir PROP XL

A e

B.20.  Propofite refle
E e C,16. linea A invenire
’ D _ dusms redas linews
incommenfurabilcs, alicram quidem D longisudine

tansum, alscram vero E criam potentia,
aslem.1o  1.Sumeanumeros B,C, &itaut nonfit B.C::

10, Q, Q. bfarque B, C:: Aq.Dgq. cliquer A0
b3 lem.io D. Sed Aqd-m-Dq, Q. E. F.
10. 2, d Fac A. E:: B. D. Dico Ag 1 Eq.

c9. 1o, Nam A,De:i:Aq Eq ergo cum A ‘1. D,
a5, 19, utprus, ferit AQO.Eq. Q.E.F.

d13.6. .
e 106, ?R O P. XI11,
f10.10, ] Qua (A, B) cidem magnitudini C

funs commenfurabiles, ¢ muer fe funs
{ commenfurabiles.

as.10, QuiaA T C, &Cn.B,afit A,
CuzN N:D.E. at.
D,18, E,8. que C.B:N.N=F.
bs. 8. % z.IG, 3 G. b{umantur wres nu-
A B CHS:LaKbl e H 1, K miming <3
inrationibus DadE, &Fad G. Jam
ceonflr. quiaA.C¢:D. Ec¢::H.L 2cC.B¢::F, G,
d2.s. ¢ LK deitexxqual A,B:iH K NON.

e6.10, cergoA L B, Q.B. D,

schol.

Hinc, omnis refta linca rationali lioex

12 1o, & commenfurabilis, eft quoque § ratiosalis, Et
dtf 6 omnes re@e rationales inter fe commenfurabi-
* les [uat, faltem potentia,  Item, omne fpasium
rujonali fpatio commenf{urabile, eft quoque ra-

def 9. tionale; & omoia fpatia rationalia inter [¢ com-
mens=
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menfurabilia funt. Magnitudines yero, quarum
altera eft rationalis,altera irrationalis,(unt incer def7.8 10
" fe incomnten{urabiles.

PROP XIII

Ao Si fint duce magnisudines A,
Co——r B; ¢ abseraquidem A cidem
B—————~——w  C fis commenfurabilyy, altera
vero B incommenfurabilis, incommenfurabiles cruns

mg'nudine: A, B.
jicBm1 A, ergocum C4'TL A, beritC abyp.
‘0. B, contra Hypoth, b1z, 19,

PROP XIV,

l 1 fine dur magnisudines commenfura.
blles A, B alrera amem ipfarum A
"2 ] magnitudini cuipiam C incommenfure.
l bilk fuerit ; ¢ reliqua B eidem C incom.
‘ menfurabils erit, {
‘ PuraBm C. ergo cum A ‘114 B, 3 fyp,

A B ChericA1,C, contra Hyp. b 12, 10,
PROP, XV, . )

A §i quatuor recta li-

B nex proporsionales fug-

C— —— vt (A B::C.Dj;)

D prims vero A tanso plus

poffis quam fecunda B, quantum eft quadratum re-
& lincg fibi commenfurabilis longisudine; ¢ ser-
tia C tanto plua poterit, quam quarta D, quantum
eft quadrasum reita lince fibi longitudine commen-
urabilis, Quod fi prima A santo plus poffic quam
fecunda B, quantum eft quadratum rete lince
fibiincommen(urabills longitudine ¢o'tersia C san-
vo plus poveris,quam quarsa D quansum eft quadra-
tum rela linea fibi longitudine incommenfurabills. 3 pyp.

Nam quia A.Ba:C. D. berit Aq. Bq i 23 4.

Cq. Dq, cergodividendo Aq—Bq.Bq:: Ctlx)—'- C17.%.
q.
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d2 6.

EVUCLIDIS Elementorum
Dq.Dq. 4 quare ,/: Ag—Bq.B:: 4/t Cq—Dg

ecor. 4.5. D. ¢invertendo igitur B, 4/ : Ag—Bq D, /¢

fa.5.

g 19, 10,

a3y.vo0,
bi.ex1o,
c1def 10,

d 3.4x.10,

Cq—Dq. fergaex zquali A. 4/t Aq— Bq::
C.y/: Cq—Dg. proinde f ATL, vel ‘T0 4
Aq— Bq, gerit fimiliter C 3., vel T 4/:
Cq—Dq. Q. E.D.

PROP XVI,

* . ¢ &idue magnitudines
A B ummm[ur:lim AB,

D BC componantur, ¢
sosa magnitude AC mtrique ipfarum AB,BC com-
menfurabiliserit: quod fi totamagnitude AC uni
ipfarum AB, vel BCvommen(urabilis fucrit; ¢
gua & principio magnitudines AB, BC commen[u-
vabiles cruns.

I, Hyp. &Sit D ipfarum AB, BC communis
menfura, b ergo D metitur AC, cergo AC ‘11
AB, & BC. Q E.D.

2, Hyp. 4Sit D communjs menfura ipfarum
AC, AB; dergo D metitur AC—AB (BC;)
¢ proinde AB‘_BC. Q. E.D.

Coroll.

. Hine etiam, fi tota magnitudo ex duabus
compofira, commenfurabilis it alteri ipfarum,
cadem & reliquz commenfurabilis erit.

PROP, XVIIL

b—————  $i dua magnitudines in-
A P B C commenfurabilcs A'B, BC

e componantur, (s’ tots magni-
sudo AC wrrique ipfaram AB, BC incommenfura.
bitiscris: Quod fi totz magnitudo AC uni ipfs-
rum AB incommenfurabilis fueris, ¢ quai prin-

- érpio magnieudines AB, BC incommenfurabiles

CTiiS, :
1. Hyp.
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1. Hyp. Si fieri poteft, fit Dipfarum AC,
AB communis menfura, 4 ergo D metitur 2 3.4x.T0,
AC—AB (BC) bergo AB ‘1= BC, contra b1.defao,
Hypotb. .
2, Hyp. Dic ABa.BC. ¢ ergo AC ‘1. € 16. 10,
AB, contra Hypoth,

Coroll.

Hinc etiam, fi tota magnitudo ex duabus
compofita,incommenfurabilis fit alteri ipfarum,
- eadem & reliquax incommenfurabilis erit,

PR OP XVIIIL

§i  fuerine
‘ E duz refle lines
) » inaguales AB,
| ’ GK;quarte au-
' tem parti gua-
Al . B drati,quod fir 2
I'\ C D minori GK‘ £
Gr— i 'k quale parallclo.
. grammii. ADB
ad majorem AB
applicetur , deficiens figure quadrats, ¢ in
partes AD, DB longitudine commenfurabiles ip-
(am dividat;major AB tanto plus poterit quam mi-
= mor GK, qaantum eft quadratum reilelines FD
> fibilongisudine commenfurabilis. Quod f major AB
santo plxs poFie . quam minor GK, quantum eff qua-
drasum recta lincq ¥ D fibi longitudine commenfu-
rabilis 5 quarte autem partiquadrasi, quod fit 2
minori GK, aqualeparallelogrammum A DB ad
majovem AB applicetur, deficiens figura quadrata,
inpartes A D, DB longitudine commenfurabiles a 1012
ipfam dividet. bas. 6.
4 Bifeca GKin H, & bfacre@tang. ADB—c 8. 2,
GHgq: ablcinde AF—DB. Elique ABq¢—dconfir. &
4ADB 4 (4 GHg, vel GKq) +FDq. Jam 4.2,
: primo
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e16 10, primo, Si AD To_DB,erit ABe't1 DBe'rL
femftr. 2DB f (AF+DB, veiAB—FD) gergo
geer, 16. AB10_FD. Q E.D. Sinfecundo, AB ‘T3
10, FD, beritideo AB AB—FD (3 DB)
h cor. 16, kergo AB. DB, {quare AD'T. D B
10, Q E.D.

k 1210, PROP. XIX

116, 10, .
8i fuerint

19/
A duarclalines
\ isaquales,AB,
\ GK; quarte
anters pared
A - —B quadrasi, qued
- FCS D fs & minore
G r— —+ 1w GK, aqualc
> parallelogram.
mum ADB ad majorem AB-applicctur, deficieni
Jiaura quadrate 5 ¢ in parses incommenfurabiles
tongitudine AD, DB, ipfam AB dividas; msjor
A8 ramo plus poterit, quam minor GK, guantum
eff quadratumreila lince FD, fibi longitudine in-
commesfurabilis. Quod [ major AB tante play
po iz, quem mimer GK, quansumeft quadratum ve-
Aalinca FD fbi longitudine incommenfurabilis ,

quarte awzem panti guadrasi, quod fiv dmimore

GK, aqualc parallelogrammun ADB od majorem
AB applicesur,deficiens figura quadrata; in parses
dengitudine incommenfurabiles AD,DB ipfam AB
divides, ! :
. Fattaputa, & diQta eadem, que in prace-
#19.10. dentiltaqueprimo, Si ADTLDB, « erit pro-
bi3.10. prerea AB.DB: b quare AB'ti2 DB
(AB—FD) ¢ergo ABFD. Q.E.D.
c cor, I7. Secundo, Si AB-LFD; cergo AB L
10, ‘AB—~FD (2BB; ) dquare AB-TLDB, &
d13.10. cprolnde AD . DB. QE.D.
€ 17,19, -
- PROP
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PROP XX

A . Qued fub rationalibus

"“g‘*‘f* longitudine commenfura-
bilibus redtis lineis B C,
CD, fecundum aliguem
pradictorum  modorum
continetur  veitangulym
E C D BD, rationaleeft.
. Exponatur A,5.& a de- 2 45. 1.

feribatur BE quadratum ex BC. Quoniam DC,
CE (BC)b:: BD,BE, & DC ¢ BC; de- b1.60
ritre@ang. BD ‘11 quad. BE.ergo quum quad, < byp.
BE ¢'11 Aq; ferit BD 't Aq. proindere- d 10, 107
&acg, BD cltfy. QE. D. ehyp 9.

Not. Tria funt Zcners Jinearum rasionalinm in- def. 10,
ter (¢ commen(urabilium, Aus enim duarum lineds £ 12, 10,
rune raticnalium longitudine inter fe commenfura.-
bilium aliera aqualis eft expofisa razionali;aus neu.
tra racionali expofit & equalis eft fongitndine samen -
ciutraque eft commenfurabili; aut demique uiraque
expefit@ retianali commenfurabilis eff {olum poten
tis. Hi fussmodi illi, quosinnuit prafensthee-
rema. , oo

Innumeris, fit BC, 4/ 8(2 /)& CD, /18
GV erit reGtang. BD—,/ 144 =13,

PR OP XXI.

F D B s raimse DB
ad rationalem D C
applicesur , lasitudi-
nem CB efficit rasio-
ackm, ¢ ci DC ad
A C BG quam applicatums cff
DB, lengitudine commenfurabilem. ar.é6.
Exponatur G, §. & defcribatur DA quadra. bhyp. ,
tum ex BC. quouiam BD. DA 4:: BC. CAj; cfeh.12.1i0
atqu:,BD.DA b funt fu, cideoque'm ; 4 enrié d10, 10,
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EUCLIDIS Eiementorsms

¢ [cb.12.10 BCTLCA. atCD (CA) belt ;. eergoBC

eftj. Q. B.D. .

In numeris, fit reQang. DB, 123 & DC, /8,

etit CB,y/ 18.3tqui o/ 183 y/2.& ¢/8=—24/2,
LEMMA.

A— Duss vellss rasionales po-

B sentia [olum commenfurabiles

C— . invenire.
Sic A expofita j.4 Sume B'G-A, & C-B,

bfeh.12 10 b liquet B, & C efle quafieas,

aLeé;
b byp.

cto. 10, go Hq't1L Gq. fergoHeftp. Q.E.D. vo-

PR OP. XXII

Quod [ub rationali-
E D _'F‘l» ] bw DC, CB petenris

olum commenfurabili-
mreltis linek contine-
A ¢ BG H sur retanguium DB,
. irrationgle eft; (o reéla
tince H jpfum potens irrasionalls 5 vocetur autem
Medis.

Sit G expofita §. & defcribatur DA quadra:
tum ex DC ; fitque Hg—DB. Quoniam AC:
CBa::DA. DB. batque AC‘11- CB, cerit
DA ‘11 DB (Hq.) datqui Gq ‘T1. DA. eer-

d byp ¢o°9, cetur autem Media, quia AC. H:: H.CB.

def. 50,

e13. 10
fdef 11,70

Innumeris, fit DC, 35 & CB,y/6. eritre-
&angulum DB (Hq) 4/ 54. quare Heft v 4/ 4.

Mediznota eft i, Medil vero uy; plurali-
ter pae

SCHOL.

Omne re&angulom, quod poteft continerd
fub duabus refis rationalibus potentia folum
commenfurabilibus,eft Medium ; quamvis cone
tincatur fub duabus re&is irrationalibus : atque

: “omne
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omne Medium poteft contineri fub duabus re&is
rationalibus potentia tantum commenfurabili-
. bus, ut exemp. gr. 4/ 24 ¢it yv. quia continetur
fub 4/ 3, & 4/ 8, quifuntp’ . exfi poflet con-
tineri fub v 4/ 6, & v 4/ 96 irrationalibus ; naai
V4=V 576 v/ Einv /96,

PR OP., XXIIL

D A Qui(BD)2
—7] mediz A fis, ad ra-
X i tionalemt BC appli-
catum, lasitudinem
CD rationalem ef-
fisit, @ ei ?C, ad
uam  applicatum
B CE ¥ gﬁ BD .longitudine
incommenfurabilem,
Quoniam A eft y, aerit Aqre@angulo ali- a frh.12.10
cui (E G ) =quale contentofub EF, & FG b1, ax.1, -
¢ G- bergoBD—EG.c quare BC.EF:: FG. ¢ 14,6,
CD.d ergo BCq. EFq:: FGq. CDq. fed BCq, d 22, 6,
& EFqefunt ps,fideoque ‘o, g ergo FGq ‘1. e byp.
CDq. ErgoquumFG fitp", berit CD ¢°, Por. f fch.12.10
1o, quia EF, FG k::BFq. EG (BD3) obg1o, 10,
EF o0 FG, ! erivt EFq ‘1L BD, verum EFqh fch.12.10
m ‘T CDq. mergo re&ang. BD ‘1. CDq. k1.6,
quam igitur CDq. BD 0:: CD. BC. perit CD 110.10; .

. BC. ergo, &c. . m feb. 33
PROP, XXIV. 0. o
. n13. 194
[ Medie A, 1?6. ’
A commen(urabilis p 10, 10,
e B, media eff. |
B Ad €D ¢
f - 4 fac reQang.
& CE—Aq; s&a11,§,
F D E re@ang. CF—

: Bq. Quosniam bhyp.
Aq (CE) eft uy, b& CDy’, ¢ erit Latiul:;l; c23. 1§
o

y
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drs. DE; T CD. Quoniam vero CE.CFd::
e byp. ED. DF, & €E ¢ CF, ferit ED ‘13- DF.
f10,10. gergo DF eft § 0 CD, bergoreQang. CF
g2 &13. (Bq) eft uy & proinde Beft,. Q. E.D.
10, Nota quod fignum "%p rumque valet poten=
b 22, 10, sissantum commenfurabile,us in hac demonfirasio=
8e,(o is praced. ¢, quod insellige ut ex ufu erit,
€ juxta citasiones.
Corell.
Hinc liquet fpatium medio fpatio commiens
furabile medium effe. . '
LEMMA
A—  cmmmetny _Duu "a“ ﬂdi“ A)B
B ——ns  longitudine commenfurabl-
Co—e— les; item duss A, C poe
tenzia santum commenfurabiles invenire.
alem. 23 £Sit Ay quavis;fume b B-TLA;c &CT-A,
10.& 13.6 4 FaGum efle liquer.
bz.lem.t0 PR OP. XXV.
c;..lemxo ¥ D B Quidfub DC, CB medi

To. longisudine commenfurabilibm
‘d conflr veitis lineis comsinesur rectangus
& 24. 10, Ium DB, medium eff. ‘
) d Super DC contiruatur ?\ué-
C ratum DA, Quoniam AC,

ars, B A(DC) CBa4:: DA.DB&DC °

blo.10. ‘o CB; berit DA'T1 DB, ¢ ergo DB et uy,
€24.10, Q,E.D.

PR OP.
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e ' | e
PROP. XXVL
E F I L.
b B | ' |

c

A G H KM

. Quod fubmediis potentia santum commenfurd=

bilibus vectk lines AB, BC consinesur yeiangu-

Lum AC, el rationale eff, el medium, - 346, 12
Super re@as AB,BCa defcribe quadrata AD; b “; " 6 é

CE. atquead FG 5, b fac reQangula FH— T

AD, b&IK—=AC,2b& LM{;;C;. .

. Quadrata AD, CE, hoc eft, reGangula FH,

I.h%ﬁmt e, & 1.3 ergo eandem habentes :f’ﬂ’f

ratlonem GH, KM funt d, &e"T0. f ergo 423,10,

GH xKM eft jy. atquiquia AD, AC, CE, . o, xo;

hoceft FH, IK, LM gfunt -5 & bproinde £,5 10,

GH, HK, KM etiam =, k erit HKg—GH x feh.213,8]

KM fergo HK eft 5 vel'ro, vel 'O IH R, 6.

(GF;) fi ‘1., m ergo reQang. IK vel AQ 17. 6!

eft jy. Sin ‘.. mergoACefur. QE.D. |43 '10)

LEMMIA. inzo.xo’q

. ..., .. 013,16,
. . SiA,&E
P mrsed, @ } 11 "9’_34;3-
XE Fox el e
: i byp. &

Eruntprimo Aq,Eq,Aq+Eq, Ag—Eq4‘T1.. 2 10,

. Erunt fecundo,Aq,Eq, Aq+Eq,Aq—Eq'TL 16. 64
AE, &2AE. Nam A Eb::AqAEb::AF.b1.,
Eg.ergocom A¢' T E.derit AQ L AE,e& chyp 1
2AE. item Eqd ‘T3 AE,¢ & 2 AE.¢ quate cum d 10.10]
A4+Eq'TL Aq, & Eq-b & Aq—Eq "D.Aq,E & 430,

z %
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f 14,10, Egq, ferunt Aq+Eq, f& Aq—Eq T1 AE, &
2 AE.

Hinc erunt sertio, Aq, Eq, Aq+Eq,Aq—Eq,

1 AE g1 Aq+Eq+2 AE j & Aq+Eq—2 AE,

g 14.10.&§ & Aq+Eq+2AETLAq+Eq—~2AE,
(

i7,10, Q. A-—E.)
hcor7.20. PROP. XXVIL _
c B afedium AB nos fu-
perasmedium AC r4-

\ siondi DB,

acor16.6. A Rp__ | AdEF ', 4fac EG
E—— —AB, ¢&EH—
AC.Re&angula AB,
AC,boceft, EG,EH
b hyp. b (ant ya, ¢ ergo FG,
cz23. 10, F G & FH funt P EF.

d3.ax. 1, itaque iKG, did eft DB fitg'y. eerit HG ‘oo
e 21, 1o, HK;fquare HG'T}FH.gcrgoFGq"‘ELFHq.
f13.10, fed FHeft °, b ergo F G eft p. verum prius
g lem. 26, erat FG 5. Qua repugnant,
io :

y SCHOL.
bfd""""’ 1. Rationale AE fuperas ra-
- sionale AD rationali CE,
abyp. Nam AE«4 001 AD; bergo
t::ar 16, AC R AET_CE-¢quare CE eft 'y,

) Q.E. D.
cfthrzic B_D E 1 Rationale AD cumratio-
#ali CF facit rationale AF,
a fch 12,10 ~ Nam AD ¢ CF;b quare
b16. 10. AF12 AD, &CE. ¢ proinde
cfib.az10 .

C A AFeﬁF'y_vQ. E, D."

PROP.

e ..
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PR OP. XXVIIL

Medias inwenire (C, ¢* D) quara-
' tiomale CD consineans. .
| | oSumeAxBy T blac A Cusdlemars
., C.B. ¢atque A.B::C.D. Dio 10
_ | | faéum. Nam AB (C) deft s 2 13. 6.
: dunde Ceft y. quum vero A,Be:: €12 6.
i l C.D,ferit C“?-D. gergo Deelty. d22 10
A C B D porro permutando A, C :: B.D.¢ hoc € confir. .
eft C.B:: B. D. hergo Bq— CD. f 10, 10
atquiBqeeft o'y, hergo CDeftpy. QEF. § 24, 10,
Innumeris, it A, ,/ 2, &B,y/ 6.ergo Cefth17. 6.
vy 12 fac,/ 2.4/ 6 204/ 12. Dovelvy/ 4.9 4/ b feh.12,20
36:v4/12.D,erit D, v,/ 108.atquiv 4/ 12in
vy/ 108—v,/ 1296=—/ 36—56. ergo CD ¢ft 5,
item C, D 1.4/ 3. quare C G- D.
PR OP. XXIX

Mediss invenire potensia tantum
commenfurabiles D, ¢ E,qua medi-
um DE contineant,

4 Sume A,B,C o' “J-.FacA. D alem, 21,
b::D.B.¢&B.C: D.E. Dicolo.
faGnm, LRt -

I ] Nam AB4d—Dq & ABeceftyy; € 12. 6,
B CEergoDefty, & Bf T.C,gergod 17. 6.

. D G-E. b ergo E ¢lt y. porro, € 22. 10,
B.Cf::D. E, & permutando B, p :: 'C. E. f conflr,
khoceft D, A:: C.E.lergo DE— AC,Sed § 19, I0;
ACmeftyy. ergoDEeftyy, Q. E. D, h 24. 10.

In numeris fic A,20; & B,/ 2003 & C, 4/ 80, k confir. &
Ergo D eft 4/4/ 802003 & Ev,/ 12800, Ergo 607- 454’
DE =4/ 4/ 1024000000 — ,/ 31000, & D, E ! 16.6.
4/ 10, 2. quare D 13- E, o m 22,6,

J——

S

D

03 » $chol,
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218,8;

bz,

EUCLIDIS Elementorym

SCHOL.
A,6. C;13  Invemive duos mumeros plas
B,4. D,8.  mosfimiles vel diffimiles,
AB,24, CD,965,  Sume quofcunque quatu
' : ~  or numeros proportionales,
A8 C,s3. A.B::C.D, liquet AB, &
B,s. D,8. CD effe fimiles planos, Pla-
AB,34, CD,q0. Bos amem diffimiles quot-
' T cunque reperies ope fcholil
7. 8. :

LEMMA.
E

A ¥CcC p B

1. Dxos wumeros quadvases (DEq & CDq)
Invenire, isa us compofssms ex ipfis (CEq) quadra-,
twcsiam fis.

Sume AD, DB numeros planos fintiles (quos
rum ambo pares fint, vel ambo impares) ‘nimi-
rum AD, 24. & DB,6, Horumfumma, (AB)
eft 305 differentia (FD) 18, cujus Temiffia
(CD)eclt9. 4 Habent veto plapi fimiles A D,
DB unum medium numerum propottionalem,
nempe D B, pater igitur fingulos numeros CE,
CD, DE rationales eflesproinde CEq (6 CDq
~+DEq) eft numerus quadratus requifitus,

Facile itaque invenientur duo numeri quadra-
ti, quorum exceffus fit quadratus, vel non qua=

dratus numerus.nempe ex eadem conftru&lone, -

€3.4%. 1. gerit CEq—CDq—DEq,

' Quodfi AD, DB fint numerl plani _diﬂi;ni,‘
desy

ce T -

ek 5 r—a
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les; fion érdt media proportionalis ( DE ).nu.
merus rationalis ; proinde quadratorum CEq,

€Dq exceflus { DEq) ron erit numerus qua-
dratus,

LEMMA 2

3, Duos numeros quadratos B, C invenire, ita
st compofitus exipfis D, non fit quadratus. item,
rasum sumsrum A dividere induos numeros

, G non quadratos,

A,30 B,9. C,36. D, 4.

1, Sume numerum quemliber quadratum B,
fitque C—4 B ; & D—B~+C. Dico faum.

NamB eft @ ex conftr, item quia B.C::
1,43 Q. Q. aerit C ctiam quadratus. Sed quo- 2 24, 8.
slam B3C. (D) C::5.4:: non Q. Q. bnon beur,24.8;
erit D numerus quadratus, Q. E. F. o

A,36. B,24. C,12, D,3. B,2 F, 1.

2, Sit A numerus quivis quadratus. Accipe
D, E, F numeros planos diflimiles, firque
D—E-+F. fac D.E:: A. B, & D.F.:: A, G/

Dico fa&um,

Nam quia D. E~+F:: A, B+C, & D—&+F, .
gerit A—B~+C. Jam dic B quadratum efle, 3 14. §-
bergo A&B, & cporoinde D& E, funt numeri bar.def7. .
plani fimiles,contra dypotb.idem abfurdum fe- € 26. 3.
quetur, fi C dicatur quadratus, ergo,&c,
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a1, lem.
39. 10,
b 3, Ilem,
10, 10,
cl, 4.

d conftr,
€6.10,

EUCLIDIS Elementorum
PROP. XXX

Invenire duas rasionales

F A B, AF potensia santum

commen(urabiles,isa us ma-

 jor AB plus poffis,quam mi-

nor AY, quadrate refteli-

A B nee F longirudine fbi gom-
C..E...D menfurabilis.

Exponawr AB,J. ¢ Sus
me CD, CE numeros quadratos,ita ut CD~CE
(ED) fitnon Qb Fiarque CD.ED :: ABq.AFq.
In circulofuper AB diametrum delcripto¢ ap-
tetur AFyducaturq; BF.Sunt AB, AF,quas peris.

Nam ABq.AFq 4:: CD.ED. ¢ ergo ABg
‘T AFq. verum AB eft p- fergo AFelt p. fed

ffch.12.10 quiaCDeft Q: at ED non Q: gerit AB ‘1o

ﬂ?' 1o,
3L 3.
kay. 1.
19. 10,

22 lem,
29, 1o,

AF. porro, ob ang, bre@um ALB, eft ABq
k—AFq-+BFq; cum igitur A Bq, AFqs;
GD. ED. per converlicnem rationis erit ABq,
BFq:: CD.CE::Q,Q./ergo ABT.BF.Q,E.F.

Innumerls ; fit AB,6; CD,9. CB4; quare
ED,s. Facg.§::36. (Q.6) AFq. erit AFq
24, proinde AF 4/ 20, ergo BFq— 36 —~ w0==
16, quare BF eft 4.

PROP XXXI

Invenive duas' rationales
A B, AF potentia tantum
commenfurabiles, it ut ma=
jor AB plmapoffic, quam mii-

A 1D nor AF guadrato reita linee
BF fbilengitudine incom <
C...iiit Ewo D menfurabilis,

Exponatur AB,5 4 acci-
pe numeros CE.ED quadraros,ita ut CD—CE

=+ED Gtnon Q. & in reliquisimitare conftru, |

Qionem precedentis. Dico faltum,

Nam,
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Nam,ut jbi, AB, AF func § T}.. Item ABq,
BFq::CD. i‘.D.’ergo cmﬁ ?D fic non'&
. beo.1eg -
Innumeris, fit AB, 5. CD, 45. CE=—36; 9. 1o
BD—9. Facey.9::295 (ABq) § (AFq.)
ergo AF—,/5. prolnde BFq— 4§ —35 —=
20, quare B — 4/ 20,

PROPDP XXXIL

A Invenire duas medics

B —_— C, D petentia tantum
commenfurabiles , qua

D — rationale CD contine=

ant,itautmajor C plua poffic, quam minor D,

Z:;adrm recta Linea fibi lomgiradine commenfura-

i

a Accipe A& BT ;itaut/ Ag—Bq‘m1 2 30. 1e.
A. bFiatque A.C:: C. B, ¢ atque A.B:: C.b 13,6,
D. Dico faGum. €112, 6.

Nam quia A, & dBfunt § T}, eerit C(f / d conflr.
AB) . item gideo C T3 D. b ergo D etiam € 22, 104
wu.porro quia A. Bd:: C.'D ; & permuratim A. £17.6.
C:B.DuC.B; & Bq 4 eft fy, erit CDg1n. 10;
k (Bq) j7. Denique quia o/ Aq—Bq 4T h24. 10,
A,leric,/ Cq—Dqr0 C, ergo, &c. Sin 4/ k7. 6.
Aq—Bq 1L Aq,erity/Cq—Dq. C. ~ lis. 10,

Innumeris, fit A,8 3B,/ 48 (:64—16) .
ergo C—y/ AB—v,/307:. & D—w /1728, =~
quare CD — v,/ 5308416 — 4/ 2304,

PR OP, XXXIII

A . Trvenire duss mediss
D D, E poteniz folum
B e commen[urabiles, qua.
Com——mms medium D E comtine-
Fo ant ita ut major D plus

poffit, quam miner B, quadrate rela linca fivd
bongitnudine commen(urabilie, s
Sume
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ajo.10, 4SumeA,&Cj, T itaur,/ Aq—Cq "TL
blem. 21, AbfumeetlamB 7 A, &Cs& facA. D¢
10, D.Bd::C. E. Frunt D, & E quzfitz.
c13. 6. Nam quoniam A, & Q ¢ funt 5, e& B
d12.6. A& C, ferit B, & D (/AB) g eritpy
ecosfir. ¢ Quiavero A D::C. E. erit permuiando As
f fch12.10 C:: D. E. ergocum A "G C, herit D g E3
23,10, kergoBeft . porro,fquaD Bu:C.Ej [&
10. 10, BCeft uy,ctiam DE cim zquale eft y,.denique
k 24. 10, propter A.C::D. E. e quiay/ Aq—CqTL
123,10, A, merity/ Dq—Eq T D.ergo,&c. Sin 4/
m16.6. A(qu"t:_A, erity/ Dg—Eq . Eq.
niy. 10,  lonnumeris, (it A, 8;C, 4/ 48;B,4/28, erit
) Duv,y/3072; &Ev,/ $88.quare D.Es:2 /3,
& DE—y/1344.

PR OP. XXXIV.

F Invenire duas vefes
lineas AF, BF potewsis
:{ @ incommenfurabiles,que
facians compofisum qui-
ClA EB

as1,10, dem ex ipfarm  qua<
bio.1. drasis rasionale,reftan-
c28.6.  gulum-vero fubipfis contemum,medinm. :
d13.6. ° aReperiantur AB,CD § “T-jitaut o/ ABqme
* ecor. 8,6. CDq'T1.AD, bbifecaCDin G, ¢facreQang,
8&17.6. ABB—GCq. Super AB diametrum duc fe-
f7.5. micirculum AFB, erige perpepdicularem EF,
g19. 10, duc AF, BF. Hz funt quzindagand2 erant.
10,10, Nam AE.BEd4: BAxAE.ABxBE, S$ed
k31.3. & BAx AE ¢e—AFq ;e & AB x BE—FBq. f ergo
47. 1. AE EB:AFq. FBq. ergo cum' AEg“TL
leonfir. EB, b erit AFq "0 FBq. Quinetiam ABq
mi. ax 1. (k AFq + FBq) ¢ eft jy. denique EFq ! —
n22.10. AEB1—CGq,mergo EF—=CG, ergo CD x
©24.10. AB—2EFxAB. atqui CDxAB nellyy.
pJeh.23.6, 0 ergo AB x EF,pvel AE x B, eftyy, Q, E.D.
) o Ex-
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Explicatio per numero,;

Sit AB,6,CD, 4/ 12.quare CGeme /1 5 .
V3. EBitvero AB—3+,/6, &EB—3 ~
+/ 6. &unde AF erit 4/: 18+4/216. EtFB, 4/:
184/ 216, item AFq-+FBqeft36, & AF x
FB—4/ 108,

Cazterum AE inveniturfic,. QuiaBA (6.)
AF:AF, AB; erit 6 AB—AFq—AEq
~+3 (BEq.) ergo6 AE— AEq=—3, pone3 -
e— AE. ergo 18 +6e—9—6e—ce, hoc
eft 9— ee =—3. vel ee==6, quare e—4/6.
proinde AE=—3 + 4/ 6.

PROP. XXXV,

eV

. ' . A .
C | D B

Tuvesive duss re@as liness AE, EB posentic in-
commenfurabiles, que facianms compofitam quidem
ex ipfarum quadratis medinm, reEangulumvero fub
ipfs consertum, rationale. .

4 Sume AB, & CF y ‘T, itaut ABxCF 232, 10,
fit fy, atque / ABq—CFq 'L AB, & reli-
qua fiant,ut jn przcedenti, erunt AE, EB, quas
petis.

Nam; urifthic oftenfum eft, AEq“TL EBq:
item ABq ( AEq—+EBq) eft uy. & denique
ABx CF beftfy, idcirco& ¢ AB xDE, d hoc b confir:
elt, AEXEB, cft jy. ergo, &, c ‘{6’?0‘-("-

10,
d fcha2.64

PROP,
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rKOP XXXVL

A Invenive duw”

F a5 reilas lincas
: BA,AG poten-

G ’ tia incommen-
[urabilcs , qua

e faciant ¢’ com.

E Ry D pofitum ex ipfe-

- fum gquadratis
medium, (0* rechangutum [«b ipfis comprebenfum
medinm, incommenfurabilcque compofito €x ipfa-
rum quadratis,

233.10. - @& Accipe BC& EF . “g- ; itaut BCxEF fic
wr. &4/ Bcq—~EFq L BC. & reliqua fiant,
utin przcedentibus. Erunt BA,- AC exoptata,
Nam, ut prius, BAq “13. ACq; item BAq +
ACqelyy. & BAxACeityy, Denique BC

beorfly. pr EF,atquecideo BC 1, EGjeftque BC,

€13.10, EG 4::BCq. BC xEG, (BCxAD, vel BA' -

d1.6. xAC) eergoBCq (ABqg+ACq) 1, BAx
€14.10. AC, ergo, &e,

Schol,

A

| Nk

. Tnvenire duss mediss longitudine € potentia
incommenfurabilcs,

236. vo, «Some BC y. fitque BA x AC ;4;;, &1

bi3.6. RCq(BAq+ACq) b FacBA, Hu H. |
AC, Suat BC, & H(/."q.. Nam BC eft .

€17.6. - a& BAXAC (¢ Hyq) cft gy, quare Helt erian

&
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g ditem BAXxAC 11 BCq; efgo Hq r 4 14. 10,
BCq. ergo, &c. .

Principium fenariorum per compofisionem,
P R O P XXXVII,

: ! ‘C Si dug rationales
A B AB, BC potentia
tantum commenfurabiles componantur, tota AC
irrasionalis eft 5 vocetur autem ex bink nominibus,

Nam quia AB a‘11 BC, b erit ACq . abyp.
ABq.SedABaeftj.cergo ACeftj. QE.D,- blem, 26

10,
PR OP ij(;(VIl; AB BC‘”‘d'f'w
- ———] Hg medie
A D C potensia tantum com,mcu-,

furabiles componantur ; que rationale consineans,
sot8 AC irrationalis eft 3 vocetur autem ex bink
medii prima.

Nam quoniam AB 4 ‘10 BC, berit ACq 1. a byp:

ABxBC,jy. cergoACeft . QE.D, blem. 26,
10,
LEMMA. £ s ciidcfe
Quod [ub li-
B L c #ce  ravionali
AB, ¢ irratios

nali BC conti-
netur retangu.
A D lum AC,jirrati-
onalecft,
Nam fire@ang, AC dicatur jy; quum AB fit abyp?
§3 beritlatifdo BC etiam p*, comtrd Hyp, b 34,19,

PROP,
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PR OP. XXXIX,
Si dwe medid
Ar———B——C A B, B C potenis
D tantum commenfu-
rabiles compoman-
tur, que medium
contineant tota AC
irrationalis erit;
! vocesur autemex :i—
#als mediis [ecunda,
E. « B _ ex{mﬁtam"
acer.16.6. DEj sfacre@ang, DF — ACq; b& DG =
b4y. 1. & ABq+BCq. ' . ,
1r1.6. Quosiam ABq ¢ ‘L BCq, d erit ABq +
chyp. BCq, boc et DG ‘11 ABq; fed ABqeeft uy-
d 16. 10, €¢crgo DG eftyy. verum reQang, ABC poni
€ 24.10, tur uy ;Aeidcoque 2 ABC (fHF Cﬁ#y; £ Cl’-;
f 4.3, go fG, & GF funt §. quiavero DGh11 HF §
33, 1o, atque DG. HF :: k EG. GF ¢ erlt EG ‘..

lem. 36, GE. mergotota EF eft j, # quare re&ang. DF

i cft jy.0 ergoy/ DFidelt AC,eft j, Q E.D.
;(1.6. : PROP. XL
10, 10 — +4  $i m '
<10, i Sidugreilaliice AB
370, A B C BC potentia tamum com.

nlem. 38, menfurabiles comspemantur, qua facians compofitum

or1.d uidemex ipfarum quadratis rationale, quod autemt

oi1.def.10 }ub ipfis comsingtur,medium ; totd reda lines AC,
frrationaliseriz: vocetur autemmajor.

abyp. Nam quia ABq—+BCq s eft fy, &b 11 2

b (ch.r2.10 ABC ¢y, & proinde ACq (4 XBq—+BCq+

¢byp.&24. 2 ABC) ¢ 0. ABq —+BCqy'y, ferit AC f.

1o. Q. B, D,

d 4.2

€ 17.10,

fridefag

R
Lo
Q
S

AI‘

13
&l

i

B3
N
T

-

q‘l"
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PROP XLL

r i — Siduerelleli-
A - C _ B neg AC, CB pos
semsia incommen(urabiles componanti, quae facians
compofitum quidems ex ip[arum quadrasis medium,
qued autem [ub ipfis continetur rationale, tora refla
linea ABirrationalis erit: vocetur ausem rasionale
& medium potens, '

Nam z2re&ang. ACB, 4 o'y b ACq—+abyp. &
CBq cuy. d ergo 2 ACB 4 ‘1. ABq, quare fch, 12.10.

c¢ABeit 5. Q.E. D, . bfch.xa.1o
PROP. XLIL <byp.

: . d 17, 10)

45 D F erndefid

: £ c B

Si duce recle linee GH,HK potentia incommen=
Jurabiles componansur, qua facians ¢o* compofitum
ex ipfarum quadrasis medium, <o quod [ub ipfis
comsimetur medium, z‘ncommmﬁambifcquc compofita
ex quadratis ip{arnm; tora reita linea GK irratio-
nalis erits vocetur autem bina media potens.

Adexpofitam FB ¢ fiant re@ang, AF—GKgq,
& CF—=GHq—+ HKq Quoniam GHq-
HKq(GF)a eft uy; latieudo CB b erit p*, Item abyp.
quia 2 re@ang. GHK (¢AD) aeftyy, etiam b23. 182
AC b erit p'.Porro quia re@ang AD a3 CF, c4. 2.
d atque AB. CF:: AC.CB, eerit AC.CB d 2,6,
f Quare ABeft g 5. ergore@ang, AF, ideft, ¢ 10, 10,
GKqeft jy. b proinde GKeft p. Q E. D. £37. 10,
g lem. 38.

1

Q.. e
Ardef 10
PROP, .
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PROP, XLIIL

A C FEDDB

Qua ex binis nominibue AB, ad unsm duntaxes
' punitum D dividitur in noming AD, DB.
Sifieri poteit, binomium AB alibiin B fece=

worin alia nomina AE, EB. Liquet AB fecari-

utrobique inzqualiter, quia AD*n. DB, &
AE'TLEB.

Quoniam reGangula ADB, AEB 4 funt ua ;

a37.10, 4&fingula ADq DBq,AEq,EBgfuntp‘a ;b a-

b feb.27.10 deoque ADq-+D8q, b & AEq—+ EBqetiam

Py b idcirco ADq—+ D8q~: AEq + EBq.

efch.5.2; chocell, 2 AEB—2ADB eft gy, dergo AEB

dfch.1a.10 — ADB p'y.c1go uy fuperat uy per py.¢ QE.A,

937, 10. PROP. XL1V,
N )

Qe ex bink medid prima AB, ad unim dunta.

x4t punum D dividisur in noina AD, DB,
: Puta ABdividiin alia nomina AE, EB. quo
X 38. 10, pofito, finguia ADq, DBq,EBq,a funt e ; 4 &
bfcb.27.10 re@angula ADB, AEB, corumque dupla, func
cfeh.s.2. pa. bergo :.EAEB EBz Azt)li, clhoo\cEcﬁ ADgq
3 - - E < f) AR,
§37.10. —+DBq—:AEqQ+EBqeitpy ia e

—
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PROP XLV,
. Qua exbinkmedits
. Dbc p fecunds AB,ad unum
. A T T 2 dumsaxes punctum C
£ dividisur in noming
v AC,CB.
Dic alia effe no~
. wina AD,DB. Ad . .,
o pb—— expofitam BF 5, fac
: K H Gre@ang.EG—ABq, -
.CBq; item EK—ADq-+DBq,
Quoniam ACq, CBqa funtye ‘T 3 berit 239, 10,
ACq—+CBq.(EH) uy. ¢ ergolatitudo FH b16,& 24
eft 5 a'quin &re&ing, ACB,dideoque a ACB 10,
e(1G)eft yy: cergo HG, eltedam §,_ Cum ¢ 23, 10,
igitur F.l-rf - IG, g arque EH. IG:: FHJ d 24, 19y
G; herunt FH{HG 0. kergoFG eft binc- € 4. 2.
mium ;- cujus nomina FH, HG.  Simili argu-flem.26,19
" mento FG cft bin. cujus nomina FK, KG,contra g 1.6.
43. bujus. R e r hro, 105

" PROP, XLVL . .- k719

' B SRS 34
e . 2 0T 4
(ki f By

AC F E j)B.:-

Major AB ~4dwgg| dunsaxas punitum D divi-,
ditur.in nomiss AD, DB, o
. Contipe alia-aomina AE, EB.quo pofito yes .

- @angula ADB,. AEBaya; & &tanADg -+ 2 40. to;
DBq, quam:AEq4EBq funt je. biérgoADq b fch.ay.10
-+DBg—: AEq-+EBq, ¢ %o: eity: 22 ABB— ¢ [ch. §. 24

v s ADBeft gy d Qi NJBI . . - - daga0,
TR P PROP -
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PROP XLWVIL

v - +——  Rationale ac
A - - F E D Bomedium  poscas
ABad wnum dumtexas puniium D dividitr in ne-
mins AD, DB. -
a2 41, 10, Dicaliz nomina AB, EB, eergo tam AEq
~+ EBq, q:zm ADq -+ DBq funt yz. 4 & re-
b[;b 3y, -@angula AEB, ADB, funcp'e. bergo2 AEB
+ 1ADB, ¢hoc eﬂ, ADq-+DBq—: AEq+

cfcb 5.2, EBqCﬁpy. QE. A.

d 2y, 10, S .
7 _PROP XLVIL
R, .‘ pC Bina medie potens
WU T, e e o T . pltlﬂu-deldzmrn
REEEE U MR '.3:1 . 'IDMICAC CB.

I R {7 Vis AB dividi in 25
ISEZETIN BRI N : ‘.ldnomina AD,DB.
PR EECAEE B 'ﬁAdﬂPoél'ﬂm BF" >

ot ot ant refQang, BG =—
S3 s E F K H G'ABq&EH——ACq+

CBq, & EK= ADq~+ D3q.’ Quoniam AC q

8 42.10, _...(,Bq,nempc EH,aeftuy, b eritlatiindo FH

b 23,10, p' lrem quu :ACB choceft, I1G, efts gy,

© €4, 2 perit HG etiam Ergocum P "u_lG fit<

di. 6. que EH. 1G4d:: FH HG, eerit FH "n..HG.

€10.10, fergo FGeit bin. cujus nomina FH. HG. Eo-.

t37.10. den modo gjufldem ndmina erunt X, KGj con-
ra4s In)uv

mﬁmlm: ﬁtllmlg

Xpohird rationah, &quz en boms nominis

bus,divifa in-noming ; citjas majus nodien

Vo qnas peflic quam minus,. qumﬁawu& linez (G
- bl gitudine-cammenfurabilis. -

x,gmdes .._..uut ndafoniexpdfitz xationa 1l

comy

— = ¥ D

Y m PP T m ol
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rommenfurabile fic longitudiae, vocetur totaexX
binis nominibus pridia. :

. LI. Siverominus fiomen expofitz ratlonall
longitudine fir comnienfurabile, vocetur ex binls,
nominibus fecunda;

- [T1. Quod fi'nettrum ipfortth nomisum: fix
longirudine commenfurabile expofive raional,
voceeur ex binis nominibus tertia,

Rurfus, fi majus nomen plus poffic quam’

- minus, quadratoreQz linex fibi longtrudide
incommenfurabilis ;

IV, Si quidem diajusnomen expofit2 ratio3
nali commenfurabile fic longitudine, vocetur ex
binis vominibus quarta, )

V. Sivero minus nomen, vocetur quinta,

VI. Quod fi geurrum ipforum: nomiduit ,
Yocetur fexta, o . :

PROP XLIX.:
e84 Cuii$ B Pruenire ex bid
p— sh nominibm pris
s—aiG  mem, EG.

F £Sume AB,AC 2 f¢b, 29,
numetys quadra- 10.

A
b
E

5

" tos,quorum exceflus CB non Q.exponatur D 3, b 3. lem,

baccipe quamvisEF “r1. D, ¢fac AB. CB::19.10,
EFq. FGq. erit EG bin. 1. c3.lem}
Nam EF d‘c.D. eergo EF §. fitem 19, 10..
EFqr. FGq. gergo F G eff etiaim 4. item d confte) .
d qfia EFq, FGq:: AB. CB 12 Q. non Q, berit € 6.def.10]
EF-t1L FG. denique quia per converfionem £6.10.
raxdonis EFq. BF—FGq:: AB, AC : % Q. g feh.13,
EG eft 10. *

ertit EF*1T1 4/ BFq—FGq, { ergo
gl_n.x. QE. I"V e o _ :«g;::) :
Eanplicatio pev mumerer. 15.def.48)

| $isD,3. EF: 6. AB,9. €B,§. quaré cum 1o,
@ P: &_ ‘ . 9: S



|
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9. § 1136, 20.erit FG, 4/ 20, proindeBG k6
-+ ‘/ 0, . ’

PROP. L |
Awnd Cuains B Invenire ex bini aomis

D #ibus fecundem, EG.

B l——G Accipe AB, & AC
_ E. numeros quadratos, quo-
He— rum exceffus C B fit non

Prebaus  Q, Sit D expofita p*, fume FGTLD. FacCB,
precedens AB::FGq, EFq. EritEG quafita.
sem. 'Nam FGD, quare FG eft ", item EFq
‘1 FGq. ergo EF eft ctiam 4. item quia FGq.
EFqu CB. AB:non Q Q. eft FG O ER
depigue quia CB. AB :: FGq. EFq, inverfcqt}c
AB. CB::EFq. F Gq, erit ut in pracedenti,
2 2.def 48, BF ‘t1. 4/ EFq—FGq. 4 ¢ quibus EG cit bin,
10, 2. Q. 8.F, . o
In numerk, fit D, 8 ; FG,10; AB,9;CByS:
etlt EF; 4/ 180, quare EG eft 10 + 4/ 180,

. PR OP.. LI :

. A..4C.i.sB - Iavenire ex bingm-

R L.w.6 wminibué tersiam, DF. !

2 [ch-2g, O — 4 Sume numieros |
10, Do F A B,-A C quadratos,
2t - E. quortm exceffus CB

H— non Q, firg; L numer

=t . rusnon Q, proxime major quam CB, nempe u- *

.. nitate,vel binario, fit G expofita 5. b Fac L, AB °
b g Jem.10 :: Gq. DEq. b & AB. CB :: DEq.EFq, erit DF

10. bin. 3.+

ccufir.s. Namaquia DEy ¢ Ti Gg, delt DEj. ied
10.-. - Gq.DEq: L. AB:tnon Q. Q, eergo G 1L

dfch.12.10 DE. item quia DEqe ‘L E Fq,"d eciam EF

€610, eﬂﬁ quinetiam quia DE} EFq:: AB. CB:

“porté, quie'pe

f9.10, Q von Q fet DE“TLE
R “ 4 conftr,



t

Liber X, . 126
conflr, & exxquali Gq. EFq:: L.CB::non Q;

Q. (namg L, & CB noa funt fimiles planinu- g feh.27.8,

meri) b erit G etiam “r1. EF, denique ut inh'g. 10,
raced. o/ DEq— EBFq ‘1L DE. k. ergo DFeltk 3.dcf 48,

tln.;: QEF v 10,
In gumeriy, fiv-AB;9-CB; 53 L,6; G, 8. erit
DE, /96 & EF, ¥ ¥ quare DF=y/96

PR OP. LIL

AJ3C...6B Invenire ex bings somini-

G e bm quartam, DF. L

De—w—I—~F 4 Sume quemvis nume- a [ch, 29,

E rum quadratum AB, 2qué 10,

H divide in AC, CBnon

quadratos, fit G expofitap®, b accipe DE ‘T1- ba.lem.10

G. ¢ Fac AB.CB:: DEq.EFq.crit DF bin4. . ¢3.lem 10
Nayn ut.in 49, hujus, D F oftendetur bin, 19,

jtem, quia per conftr, & converfionem rationis N

DEq. DEq—EFq::AB. AC:: QuoonQ,. ..

d erit DE "El_].y DEq—EFq, ¢ ergo DF eft dg, 10

bin.4. Q. E.F. o ¢ 4.def. 43
Inmamerks, fir G, 8; DB, 6.edtEF /24 1o,

ergo DFeft 6 —+ 4/ 24, :

FROP. LIIL

Al.3C.0.6B Invenireex bink somi’

Grm—eee #nibm quintam, DF.

D l——F  Accipe quemvis nus
E merum quadratum AB,

HF cujus fegmenta AC,

CB fintnon Q. fit G expofita ;' fume EF 0.
G. fac CB, AB :: EFq, DEg, erit DF bin.- 5,
~Namue in 50, bujus, erit DF bin, &quiz .
per conftr. & ianvertendo D Eq. EFg = AB. 2 9.19)
CB, ideoque per converfionem rationis DEq, bs.def, 48

-DEqm—EFq:; AB, AC:: Q. non Q 4 erit 10,

P3 PE



230 EUCLIDIS Elwmentorum
DB‘t;:-VﬂEg-BFq. bergo DF elbings

" dsmumary,fit G,y;EF,6.eit DE y/ $4. quare
DF eft 6+ ¢/ 54.

PROP. LIV, .
.. . § Coiin7 B Isuenire ex bink nomi-

Lo 9 Wibm fextam
G-——\-—A-—- Accipe A C, CB pri-
D -—F  mos numeéros utcunque
E ficm AC+CB (AB)

fit non Q, fun&e ctuﬂ
8 3 lem; mvkl-nu- Q. fit G expol. 5. 4 fiarque |
;93. 10, rB Gq DEq.atque ABCB {)Eq EFq.erit

Nnm ut in st. bujus, DF oftendetur bin.
ftem quod DB, & EF ‘11 G. denique gﬂﬂt
per confte,” & converfionem raionts
bfhays. g‘aq—o EFq 32 AB. AC::aon Q Q. (Nan;
ABprimuseft ad AC, b ldeoque cidifligilis )
€9,.19. cergoDB'TL JDEq—-EFq. ergo DF e
d‘o“f‘s, Hn ‘ Q E.
1o wumerk, it G,6; DEJqSe:itEFJ:S
qua;e DFe elt v 48+ J 28,

A E M-

Te




Mﬂ' X, . 23K

LEMMA

gubum, cujms latne.
F AC fecetur inaqua-
. liser in Ebifectumg;
3 ggm mings
ﬁE mFE; arquead 86
4 fat rellang. 3 25.6.
KNn AG’E:ﬁqu;pe:;i
G,B,F b ducansur ad b 38. 1.
AB parallels GH,
BLFK. ¢ Fias autem ¢ 14. 2
qu;draumu L M:..;
re A ue 4
L v O:inf’ pnd":gm €
i P Q T ° fiar quadrasum MN
=GI; redtague LOS, LQT, NRS, NPT,
producansur. .
Dico1, MS, MT fumt retanguls. Namob -
quadratorum angulos O M Q, RMP re&os, ', ..
# erit QMR re&a linea, b ergo angull RMO, a [ch,14.14
QMP re@l funt. quare Pgra MS, MT fung b3, 1.
re@angula, »
2, Hincpates LS e=LT 3 ¢ proisde LN cffe ¢ 2,4x.2,
’m'ﬁuginguz M, MT, EK, FD dbyp -
" 3. Re 4 SM, y EK, ¥D agualigd byp. -
funs. Nam quia re@ang. AGEd _:qu‘:q‘ erte x:. 6.
AB. EF ::EF. GE. fideoque AH.EK::EK.f1.6.
GI. hoc eftper conflr. LM. EK :: EK. MN. g fch.22.6.
verum LM, SM uSM, MN, ergo BKh—=ho.s,

Mg—FD | — MT. k361,
4. Hine LNm—AD. 143.1.
S. Quia BC bifes eft in F, n pates EF, FC, m 2, ax.1o

ECo.effe. - n 16. 10,

6. Sl AE ‘T EC, & AE ‘T  AEq—018.&15;
BCq, oerumt AG, GE, AE ‘T, item, quia10, -
- Pgq AG,
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plo.10. AG, GE: AH, GI perunt AH, GI; hoceft
LM, MN 1. tém Jifdem pofits,
g OM‘T. MP. Nam per Hyp. AE,'T1.
ergoEC ‘7L GE. gquarc EF T GE.
1’ E: EK GI, .retgo EK 0. GI
hoce(lSM"EL ¥ ui sm MN:OM
MP ¥ ergo OM
‘8, Sm ponatur AE"I:LJAEq—-ECq,
fxg&xy, [patet AG, GE, AE effe 1. unde LM‘tL
19. . MN.nam AG. GE :: AH. GL:: LM, MN.,
" His bene perfpecth, jmlc fex fcqucpm Ptopo[z‘
tiomes expediemm.

PROP. LV

i [patium AD comtincasur [ub rasionali A B,
ex binigmominibw prime AC, (AE-+EC; )
refls jines OP fpatium potens :rmuldx eft,qua
* ¢ binis nominibus appellasur, :
_ Suppofitis ils, quazin lemmate proxime pra-
cedenti defcripta,& demonfirata {unt,liquet re-
abyp.¢* 8am OP pofic fpatium AD. gltem AG, GE,
l;p. 54.10 AB funt “T0. ergo cum AE b fic p* 10 AB,
bhy.  ¢erunt AG,& GE, ¢ ‘0. AB. d ergore@uc
€ fchita 19 gula AH, Gl hoc eﬁquadrata LM, MN funt
dio 10, g'a ergo OM ’MP funtp’e 5., fproinde OP
elgu 54. eﬂ bin, Q. E
10, Innumerk, fi FtAB,s,AC 4 +4/ 13. quare
f37.10 rc&anﬁ AD =20 +,/300—quadr, LN, crgo
OPe Jls—»-,/; 3 nempe bin. 6,

q 14,10,
! l_oa lo'

!

.. " PROPR



PROP. LVL

83 [parium AD comtineatur fub rationali AB,
€ ex binis nominibm fecundsa AC (AE +EC;
veia linca OP fpatium AD posens, irrasionalis eft,
qua ex binis mediis prima appellasur.

Rurfusadhibito lemmace ad 54 hujus, erit
OP — 4/ AD.sitem AE, AG, GE fumt‘ta.. abyp. &
ergo quum AE bfit §,'T1. AB, cerunt AG, GE lem.s4¢. 10
etiam p' 'O AB. ergo retangula A H, GI; b
bhoc eit OMq, MPqd funt wa, ¢quinetam cfeb.12.10
o M MP, denique EF0. EC, & EC d 23, 10,
f . AB. f quare EF eft o ‘o, AB. gergo elem, 54
£K; hoc eit SM, vel OMP ‘eft o'y. b Proinde 10.
OPeft 3 yprima. Q E. D. by 12,
- ‘Imuumeris, fit AB, 55 & AC, 4/ 48: 6. er- 10,
go re@ang. AD =—,/1200: + 30— 0 Pq, g 20. 10,
ergo OP eft v/ 675—+v,/ 75 5 nempe bimed, 1. b 33. 10,

_+ Vide schem. 57. o

PROP. LVIL

1 ¢ si fpasium A D
‘ contincatur (ub ratio=
G|IE|F| =aiAB, ¢ exbinis
. mominibm sertisa AC
(AE~+EC;) rella
B linee O P [pastium
‘ HEKND AD potens, irrvatie-

ST R 1 salisefl, queex binis
o]

mediis fecunds dici-
——4P . |
M Ut prius, OPq—
AD., item reQangu-
1L : léﬁﬂ, Gl, iotf:eft '

q, MPq funt
QT Rets 8 ftem E‘l!(, vel aby.
OMP eft uy. bergo 22,18
QP cfi bimed, 2, b 39 10,
, Is
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alem, $40
10

bby. @&
20. 10,
chyp. @
33, 10,

d 40, 10,

autie
rac. .
bar.10,

EUCLIDIS Ekmentorsm
Inmumerk,fic AB,$; AC,4/ 33+ 4/ 24.quare
AD eft /800 4/ ’6¢;o=OPq.proindc OPeft
vy/ 450 +v,/ 50; hoceft bimed. 2,

PR OP. LVILI,

1 81 [patinm ADun;
A c tiwmfr“ fub rasional;

bw quarsa AC (AE~-
Bc?)wnm lines OP

B fpasium posens, ivvasio-
WDsalkeft, qua vocasuy
o HIRKN® pdofs o
5 am iterom OMq -
o M F ¢11 MPq.re8ang, ve-

£9 Al, bhoc eft OMq—-
MPq b cft . ¢ item
EK, veé)gMP eg ,;K
ol o ( A e
L G.Tme:isor. Qﬁ{D. ).
Inmumerk, fit ABS; & AC, 4—+4/8, e:§o

reQang. AD eft 20 —+ 4/ 200, quare OPeft
20 + 4/ 200,

PROP. LIX,

Sifpatium AD comtinmeatur fubrationali AB,
€ ex binks nominiby quinta AC 3 reifalinea OP,
fpasium AD posens, irvationalisefl, que rationa-
le ¢o° medium potens appellasuy, ’ '

Rurfus OMP 71 MPq, reftang. vero AR,
vel OMq -+ MPq eft yy. 4 item re@ang, EK,
vel OMP eft p'y, bergo OP (4/AD) oft pos
tens ’c’, & Ky .« &Py ’ ’

Insymeris,fit AB, 5, & AC 2+ 4/ 8. erga
re8apg. AD — 10+ 4/ 200—=0Pq,quare OP

efty/ 194/ 300,

s

PROPR

GlEIF AB,¢s ex bink memini. .

=4

=7

— E-E e

P4

o



Aubey A, : %5y

PROP. LXK

8i fpasium AD contineatur fub rasionsli AB,
£ ex bink mominibm (exta BC (AE-+EC;)
redalinea OP fpatium A D posens, irrationslio

“off, que bina media percas appeRasur.

Ut fepe privs, OMq ‘. MPq. & OMg -

MPq cft 4y, &reltang. (EK) OMP ctiam yy.

4ergo OP — 4/ AD ett potens 2 ye. Q. E.D. 3 43. 103
In mumerk, it AB,§ ; AC,4/ 12 +4/ 8 ; ergo

reétang. A D, vel OPq eft o/ 300 + 4/ 200,

proinde OP eft o/ : 4/ 300+ 4/ 200,
’ LEMMA.
$it reila ABin.
g r— chudim[e&thc,
Il || firgue A'C mojua
c : fegmentum 3 ¢ cui-
vk DE cppll:;e;w
4, o=

Al HKNFABq,&DH-_—_

ACq, & IK—CBq.
LG bifela in M, ducasurgne MN pa-
rell. GF. :

Dicox. Reffeng. ACB—LN, vel MF,
sNam 3 ACB—LF. aga& 3!
3% DLLG. nam DK (ACq+CBq)ax.1,
b LF (2 ACB) ergo cum DK, LF fiat zque by. 2.
alta,cerit DL LG, cL.6.

3. SIAC J-CB, d erit re@ang. DK'11. d 16, 10,
ACq, & CBq.

4 Item;, DL TLLG. nam ACq+~CBq
e'TL2ACB: hoceft DKo LF, fed DK. ¢ lems 1{.
LFe::DL.LG. fergo DL'm LG, 10, %

S. 44 bec, DL O_ 4/ DLq~LGq. Nam fro, 10,
ACq ACP £::ACB, CBq, hoceft fNH_- gL6. "
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LN: LN, IK, ¢ quare DI. LMuLM. IL
h19.6. bergoDIXIL :qLM . ergocum ACqk'T-
kbyp. CBq. hoceft DH ‘1:_1!(, & ! proinde D1 T
l10.10, ILmeric DL,/ DLg—LGg Q.E D. |
m18.10. 6, sinpomaur ACq T CBg, merit DL
ni19,10, 4/DLg-LGq.

Hoc lemma preparivionis vicem fubeat proS. [e-
guentibus propefitionibus.

PROP LXL

Quedratum ejm que ex binis nominibu (A C
~+CB) ad rationslem D E applicatam, fasitié-
sisndinem DG ex bink nominibus primam. :

Suppofitis iis, qu in lemmate proxime ante
cedenti defcripta & demonftrata funt. QUM

-abyp.  amAC, CB4 funt § T3, berit re@ang. .
blem, 60.' 1. ACq; cergo lg K et jy. d ergo DL'TL
1o, DE §. re&ang. vero ACJ, ideoque 2 ACB
¢ fcb.12.v0 (LF) ceft yy. f ergo latitudo L G ft ¢ 'T-
dz1, 10. DE gergoetiam DL LG. hitem DL'TL
€238 24. o/ DLg—LGq. exquibus § fequitur D G ¢ff¢
10, bin, 1. Q E. D,

fa3.10. .

g5 10, PR OP. LXIL :
hlem. 60, Quedratum ejms, que ex bink mediis primé
10, (ACS-CB ) ad rasiondlem DE applicasum, fé
k 3.def 48. cis latitudinem DG ex bini nominibms fecundem.
10.° Rurfus adhibito lemmate proxime preces

224,10, denti; Re@ang. DK ACq. 4 ergo DK cft
b33, 10, up bergolatitudo DK et ;0 DE. Quiaves
chyp.& ro reQang. ACB, idecque LF (2ACB)
fb. 1210 ceftfy, desit LG 5 TL DE. ¢ ergo DLy
dzt.10, LG funt ‘i, f item DL o/ DLg~
e13.10. LGq, gex quibuspatet DG efle bin,a Q,E.D
1 lem. 60, .
10,

gz‘h[q&
8'. : .

PR OP,

P
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PR OP. LXIIL

_%ddmum ojm , qua ex binis mediis fecundd

( AC + CB) ad rationalem DE applicasum, fa-

cit Lasisudinem DG ex bink neminibua tertiam,
Qtin preced. DLeft § "0 DE. porro quia

" re@tang. ACB, idevque LF (2 ACB) scttabpp &
UPs beric LGP‘ “T1. DE. ¢quinetiam DL “q. 24. 10,

LG.citemque DL 114/ DLq— LGq. d eigo b 23, 10,

DGeitbin, 3. Q E.D. - clem, Go.
N - : 10,

PROP., LXIV.  d3 d&f

: 8. 10,

 Quadrasum Majorh (A C—+ CB) adratio- *
walem DE applicatum, facislasisudinem DG ex
binds somimibws quarsam,. : .

Rurfus ACq—+ CBq, hoc eft DK s ¢elt ;. abpp. &
b ergo DL eft ° . DE. item ACB, ideoque feb.12. 10,
LE (2ACB) ¢ eft yy. d ergo LGeftp* o b2t. 10,
DE. ¢ proinde etiam D L3 LG, denique chyp. &
quia AC BC, ferk DL ‘i DLq- 24.30:

" LGq gundeDG. el bin. 4. Q E.D, -~ d33.20)
. L e 1380
PROP. LXV, - flméo.

- : 10,

usdrasum cjms, que rvationale acmediumpo-. .~ 4.c .
te Q,\.( AC+CB )q ad rationalem DE applica- 534 ;‘2’ ‘
sun, facis lasitudinem D G ex bink momimibes =~ -
guintam. T
- lterum, DX eft iy, @ ergo DL eft s ra a13. 10,
DE. item LFeft o'y, bergo LG eft  “ra- DE. ba1. 10}
cergo DL I.(S. ditem DL . o/ DLqec 13. 10,
LGgq. e proinde DG eft bin, 5. A dlem, 6o,

. 10.
PROP LXVL ' eg.dtf.
.. Suadrarum ejms, gua binamediapoteft (AC 43,19
~+CB) ad rationalems DE applicatum, facis lari-
sudiges DG ex binis nominibms fexrgm. "
13
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abyp. Ue ptins, DL & LG funt p' "0 DE;
b14. 10, Quiavero ACq—+ CBq (DK) 4 ‘T11. ACB,
€1. 6, bideoque DK'13 LF g:. ACB) eitque DK.
di1o.10, LF¢:i DLILG.derit DL 0. LG e deniqué
elem.60o.10 D L 11 o/ DLq — LGq. f ex quibus liquet
£6.d¢f.48, DG efle bin. 6. Q. E. D, :

10 LEM M 4. ,
A’.—.—-&—S‘._;-..BE A.""‘_‘Bll—-—fc,

D,__!; QDI-’——-E———T

sing AB, DE ‘11 ; fistgue'AB, DE :: AC
DF. .
- Dico t, ACt1. DF. ut patet ex 10, 10)
atg. 4, ItemCB o FE. aquia AB. DE:: CB.FE.
® 2. AC. CBu1 DF. FB. Nam AC, DF i
AB. DE:CB, FE. ergo permutando AC,
CB:: DF.FB. ‘ .

3 3. Reflang, ACB ‘0. DFE. Nam ACgq.
bi1.6. ACB b AC, CBe:: DF. EF;:DFq. DFB,
cprim.  quare pesmutando ACq. DFq:: ACB. DFE,
dio, 10, ergzé cum ACq'ti, DFq, d erit ACB ‘T

- DEE.

4. ACq+CBq'. DFq+FEq. Nam

3,6, "quia ACq. CBqe:: Pfq FEq. erit componen«

. ACq-+CBq CBq: DFq—+REq. FEq. ergo

fio,10. cum €Bq ‘11 FEq, f ere ACq—+ CBq
DFq+FEq, -

gro,10, 5. Hinc, i AC ‘). ,vel ‘. CB, geritpas
o riter DE 13-, vel ‘x}. EF, o

3.

PROS,

|



Liber X. 239
PR OP, LXVI,

A ] B Ei, que ex
' C .- binis_ sominibm
i E (AC +CB)

F " longirudine com-

menfurabilis DEJ

@ ipfa ex binis nominibm cft, asgue ordine cadem.

Fac AB. DE :: AC, DF. 4 fuit AC, DF alem. €5,
*n.y 4% CB,FE'To, quarecum AC, & CB 10,
béintg ‘T, ¢erunt DF, FE p* T} ergo DE bbyy.
eftetiam bin. Quta vero AC, CB 4:: DF, clem. 66,
FE. £ AC ‘0, vel 10 4/ ACq— BCu, 1o.¢ (.

.d edam fimiliter DF“., vel ‘1. 4/ DFq~ 1.0,

FEq. item i ACr0,vel ‘T1 § expof, eeritfi- d 15. X0f

- militer DF ‘11, vel 00 p* expof. 2t fiCB ‘T1-

s

vel ‘T2 p', e erit pariter FE "m0 vel ‘T p". Sin e ya10, &
vero raque. AC,CB T ¢°, erit utraque etam 1o,
DF, FE&*11p". g Hoc eft, quodcungue bino- g Per def,
xai'uén Sleri: AB, erit DE cjufdem ordinis. 48 10,

PR O P. LXVIIL
Ei, queex binis mediis (AC—+CB) longi- '
tudine commenfurabilis D8, ¢o ipfa cx hinis medsis o
off, atqucordinecaden, . T
4 Fiat AB, DE:: AC.DF, b ergo AC ‘> 313,86,
DF, & CB“0_FE 2rgo cumn AC & CB blem. 66,
¢ fint g, detdam DF, & EE erunt‘f. & cum 10,

"AG ¢ - CB, ¢ erit FD "1 FE. f ¢rge DE cbyp.

eft 2 0.7 St igitur re@ang, ACB fit &'y, quia d 24010,

DEE b ACB, getism' DFE eftgy; &ific10. 16,

Hlnd gy, b hoc eriam erityy. k 1d eft, five AB f 38. 10,
fic bimed. 1.five bimed, 2, erit DF ejufdem ordi- E fch.12.10

vis, Q.8.D, - 14 T

L = . kg8 vel

T 39,00,

.

L 1 Y1



240 ' EUCLIDIS Elementornm
| PROP. LXIX

A —B - Majori (AC

C . . +CB)commen-

P le—t.——F  furabilis DE, &
~F ipfa major cf}.

- Fac AB, DE:: AC. DE. Quoniam AC
sbyp. 4 CB, b erit DF T FE item ACq—+
blem.-66. CBq acltp'y ; proinde cum DFq + FEqb 11
10, * ACq+Ciq, ¢etiam-DFq+ Feqeft )y, de.
¢ feb.12.10 nique se@ang, ACB ¢ eft yy. d ergore@ang,
d34.10, DEEef ,y (quia DFE bt ACB.) ¢ Quare
¢ 40, o, DEcitmajor. QE.D. } .

PR OP, LXX.

- Rationale & medium potenti (A C 4 C B)
commenfurabilis DE, ¢ ipfa rasionale ac medium
pasens eft, -

Iterum fac AB. DE:: AC.DE.  Qui2 AC -

abyp. 4 TFCBj b etism DF ‘G- FE. item quia
blem, 66. A Cq +CBqaeltyy, ¢erit DFq+FEquy.
10, . . . deniqie quia re@ang. ACB ¢eft 'y, detiam
c24 10 DFE eﬁ:p’v. ¢ ergo D E- cit potens p'Ys “aC pr.
dfehaz30 QBE.D. - . ) I
cqL,:10, . '] S ’ ) W

: o7 PROPULXXL: -
. Ao-w—-b—:—‘-——--—B's - . ' Biﬂi‘ﬂltdil‘ﬁ

N

T, L Qs -y ( AC & CB) fom.
S DB - menfurabilis DE, &
C e B s jplabing medis po.
T e - semsefh T
abyp Divide DE, utinpraced. Quia ACqaettL
biem. 66. CBq, b erit DFq 1. FEq. item quia A Cq
10, —+ CBq aeft uy, ¢ erit DFq+FEq etam uy.

€ 24, 10. . pariterque quia ACB £ eft yuy, d etiam DFE eft
424,10, 4y devique quia ACq+GBq - ACB,

e erit -



T e e -

Liber X, -~ 24t
¢ erit DFq—+ FEq - DFE. f ¢ quibusfequituf e 14, 10;
DE efle potentem 2 E“;_Qe E. D. f42. 10,
PROP LXXBL g
' : X sirgionale A
©  medion -}
compongnsar, que-
tuor ibrationales
| fumt-3-velea qua
Z:’c‘—binic nomini-
us,vtl queex bi-
H \ _ E Tag mdigk prima ,
wel major, wel rationale ac medium posens. R
Nimirum fi Hg=—A—+B, erit Huna 4 line- _, .=
arum, quastheorema defignat, Namad CD |
expofitum §,. & fiat re@ang. CE=—A ; item F{ 2 ¢or.16.6,
=B; b ideoque CI=—Hq. Quoniamigiur A b 2.4x.1.,
eft fy, ‘etiam CE eft jy. ¢ ergolatitudo CF c 21, 19,
el § L CD. & quia B eft uy, erit FI yy. d 23,30,
dergo FK eft p"*i CD. ¢ ergo CF, FK funt e 13.10,,
p T.. Totaigitur CK feft bin, Si igivur A £37. 3Q..
B, boceft CE ;—Fl,‘exit CF - FK. ergogk. 6, .
§ CF ‘11 4/ CFq-=FKq, bherit CKbin. 1. & b1, def.
proinde H—,/ Clk eft bin. Si ponatur CF 48. 10,
‘1. / CFq~FKq, ! erit CK bin. 4. quare k§s. 10,
H (/ Cl) meftmajor. Sin A3 B; ¢ erit 14.dcf.48]

‘CFFK ; proinde fi FK ‘3 4/ FKq~ CFq, 10.
-#erit CK bin, 2.-0 quare W et 2 y prima. de- m §8.10
-nique 6 FK ‘T3 o/ FKqe~ CFq, perit CK bin, 5. 0 2.4¢f.48,

qunde H erivpotenspyac py, Q. E D, - 10,
. P : . os6. 10,
= L psddab.
AP Io,. -
’ q %9, 1o,
QU PR OP
e o '
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o1 T “M{OP ‘Lxxnt

OF P “&i duo media A,
O gk B, .imter fe incom=
—T, | [ menfurabilia com-
g ; ] [ {ponentur, dug r:li-
Y-V ':a” ' qu irrarionales fi-
N unt;vel ex binis me-
U SO # & diis fecunda, wel by-

. b na media porens.
o AN, ]? f jE I mmpe H w-

rend A+B et unz@T&gum ifrationalium. Nath

ad CI 8xpsl. ,fac redtang, CE—A & FI=B,

3 byp. unde Hil—‘Cf Quonidm i h’bl‘CE &Fl [
b a3. 10, ““’II“: 5:;unt‘lamudines lﬁ: By CD.
¢ 1.6, jeem quid CETL FI; cﬂque CE Fl¢:: CF,
R £ fed/CE - FK ¢ ergo CK eft bin, 3.
°§ Iéfi& tedipe; T CT: "EL /CFq—-E v ande H =/
S o S y Sin véro ‘CF CFq-—
f?’ 16 JFKd, geiécx bin 6. &Y pxomdé H eﬂpdtem

.uﬁ.‘&-zf} ‘._f:..:. S
b 5o # 13 ..
R R I%nmtpim Snarsoram, per v
K1 - FA R -:-!nzu-; i dtrafhmerh‘ AR R
OF 24 s WAy e
5.8,._";,;::; PR 6. Lxx,w..,. _
'--J-—-«M-xw—q . §i & ratioweli DF udmum
0182w P iawoq B BODE auferuuy potentia canyum

Sk 0 pomima s bsexiﬁkm 'mi BEF;ifeligua Eleu-
U yationdlis 6R i Svoseturasmem Bppne,
cP&»P’z% Nam EFq 4T DEq; led DEq b eﬁp v
Bpobh.? 'Y ¢ergoEFeltp. Q E.D.
L byp,e~ Innumeris, ﬁ( DF,2;DE, /3, EFetit2—4/ 3.
0!0%’ v A
1idef 10,

PROP




PR OP. LXXV.

D E F 8i d media DF'n_wdiaD.E

——————e—  AUferatur | potentia saatum
commenfursbitls exiftend sori’ DY, que cum tora
DF rasionale continsaryreliqus E¥ irrationaliceft;

vasetur-aunom medinaposome prima.

Num Efq 4 4 re@ang. FDE.-er_gnvcum: (l;‘b- 6.

FDE bficgy cerivEE j QE Ik - -
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Tnnumeris;fiv DFey i/ 54, & DBivy/ g.}.crgob byp.

.EReftv 4/ 54 ;.-uv{::.b N ‘;:3‘?;0

Y

PR OP. LEXVL .

D E F . $iamediaDF media DE
e . dUiferatur o potcniia santum
commenfurabilisexifteps ‘to1i D ¥, qugcum tose
DF medium contineat ; reliqua EF irvasionalis eff;
vocetur autem medie aposome fecunda.

Quia DEq, & DEq, 4 funt pa ‘To,abyp’ .
betit DFq —+ DEq "e1. DEq ¢,quare DFgb16. 10"~

~+ DEq eft yy. itenyre@ang. EDE, ¢ ideoquec 24. 10,
2EDE 4 eft yy,. e1g0. EFq. (4 DEq—+ DEq—d cor. 7.2]
2EDE) eeft py,, quare EF eft p. Q. E. D. €2y, 10,

EF 0 4/18v4/8. .

PROP LXXVIL
ety 873 veils linea AC redla:
C _auferatur AB, potemtiain.

I'n numeris, it DE,g 4/ 185 & DE, u 4/ 8.cxit

commenfurabilisexiftgns toti BC,que cum tosa AC .

faciat compofstum, quidem € ipfarum quadrasis ra-
tionlc.quod aurem (ub ipfes contincour mediumsre.

liqua B irrarionalis eft s vocetur ausem minor, 2 byp:

Nam ACq+ABqa eftg'y. acre@tang. ACBb[ch.12.10

aelt uy. bergo 2 CAB'T1 ACq+ABqcy. 2.

. ACq+ABq . d17.10.
(¢c2CAB—+BCg; ) d ergo ALq 1 eﬂ7.d¢f-1°,

BCq. cergo BCeft 5. 8’.& D.

2

In



244 = EUCLIDIS Elomentoram

Innumerd, fit AC,4/:18 +4/108.AB /:
18—,/ 108, e1go B C eft /1 18+ 4/ 198. —

A1 18—y 108, :
'PROP, LXXVIIL .

Do—sciuBe—a—F  Sidreflaiines DF re.
s auferasur DE potensia

incommen(urabilk exifiens toti DF ;. que cumsots
DF facias compofisum quidem ex ipfarum quedratiy
mediums qued ausem [ub ipfis continesur, rationales

" reliqua EE irrasionals cffvecesur autem cumrasi-

o omali medium totum efficiens.

abyp. & Nam 2FDE « eft oy, b & DFq + DEqeft

fch.13.30, yy. ¢ ergo2 FDE T DFq +DEqd (2 FDE
b byp. —+EFq)eergo EF eftj. Q E. D,

cfcb.3s.10  Immumerks,fic DF, y/: % 216 + 4/ 92. DE,

dy 2, /1 4216/ 72 ergoEFeft/: o/ 216

efch12.10 S g2/t /216 — /72

& 11, def- . PR OP. LKXIX.

~

D ¥ Siareds DF reffa auferatur .'
m——_E—-—l D

E, potentia incommenfurabilk
. exiflens toti DF, qua cumsots faciat ¢ compofi-
tum ex ipfarum quadrath, medium ; ¢5° quod [ub
«  ipfis consinerur,medium,incommenfurabileque com.
pofiso ex quadratis ipfarum reliqua irrasionalis eff «

vocesur ausens cum medio medium sotum efficiens.
abyp. & Nam 2 FDE, & DFq—+ DEq 4 funt pa;
24. 19. bergo EFq (¢ DFq + DEq=—:FDE) eft pv.

b27.10, dproinde EF eftp. Q.E.D,"> R
cgor. 7.2 Exempl.gr. it DF, 4/: 4/ 180,/ 60. DE,
dirdefiro o/t 4/ 180—4/60. EF erit o/t 4/ 1804/
: 60my) s 4/ 186 /69, : ‘

P

PROP.

AT Bt

—

R T )



Libery X, - 24§
CLEMMA

85T F
Cr— Hr—

i idem fit exce(fu. intey primam magnitudioem
BG, 2 fecundam C (MG) ﬁm inter sertiam mag-
sisudinem DF, ¢ quartam H(EF;) erit ¢° vicif~
fim idem excef[us inscr primam magnitudinem BG,
g‘ sertiam DF,qui inter fecundam C,¢0° quarsam

Nam quia azqualibus BM, DE adje@efunt .
iozquales MG,EF s hoc eft C,H ; eric exceflus a byp. . |
totorum BG,DF,b 2qualls exceflui adje@orum, b 1§ 4x,5.
C,H. Q.E.D, R

Corell. ot

Hinc, quatuor. magnitudines Arithmerice
proportionales, viciflim erunt Arithmetice pro-
portionales, - - ~

PR OP, LXXX.|
B . ID C Apotoma AB ung tan-
At tum comgruis rella linea
rationalis BC, porentia sansum commenfurabilis
exiftenssoti AB, ' .
St fier poteit, alia BD) congroat. aergore- 5 35, 5o,

-Qangula ACB, ADB; b idéoque eorum dupla 1, g 10,

funt ya. cum igitur ACq+BCq =3 ACB¢— ¢ cor. 7. 2

“ ABqc==ADq= DBq~ 2 ADB, ergo viciffim { (. 9.

ACq+BCq—: ADq+BDqd=—2ACB—:;o, .

'sADB, Sed ACq+-BCq-: ADg+BDqaceft ¢ byp &

pr.fergo2 ACB—:2 ADB efte’y, QE.D, - ay. to. .
: - {feh0
C L F g a0,

e

Q3 T'prOP

1.



846 EUCLIDIS Ekmentorum

PROP LEXXI

] ) -Medig Apotome pri-
A- 8 D C me AB ama santum
congruit reita linea media BC pasentia folum com.
‘menfurabiliy cxiffons voti, & caws wirsrationale
‘comtinens, S L
' " Dic efiam B.D congrusre, igitur quositm
2 byp. tam ACq, ‘& 8Cq; quam ADq, & BDq & [iat
b16.& 24, pa 1L, betiam ACq+BCq, & ADg+BDq
x0. erunt ua, ¢ fed re@angula ACB,ADB;d adeoq;
cbyp. 2 Aé‘fB,‘&aA-DBlumﬁae.zergo zAclf
dfch.12.10 1 2 ADB;!f hoc eft ACq—+BCq—: Allq
efob 2y, +BDqeltjy. g QB. A.
10,

9. 2.& .
lem.99.10. _ PROP LXXXII '
§:7.10. .:A B C D - Media Apore.

B B | H.‘ T M™s fecande AB

uNs SaMum con-
| gruit reQa linca
‘\ ‘media B C, po-
A. - Sentia folum com-
{ . ~t menfurabildy exi-
4 {4 flenston],¢5 sum
ti;cuediuu can-
; ) Tr S o 't I TR
S F I : G (48" Sifieri poteft,
- - . cougruat ia BD.Ad EFj fianigre@ang. EGars

Fgnd3 ACG+8Cq 5 item re&ang. BL<-ADg+-BDq.
ex t.. . lam BI==ABq Jam 2 ACB+ABq—=AOqg~+
bhyp. . - BGe=EG,ergocum El==ABq, serit KG==2
cag. 10; A QB porro A Cq, & B:Cq bdust ya "EL.
o 23,10, ¢Ergo EG (ACq+BCq) eft yy. d ergo la-
chypo titudo EH 511 EF. ¢ Quinetiam reétang,
f24. 10, ACB; f ideoque 2 ACB(KG) eft up. dergo
g lem. 26 KH eft etiam § -0 BF. denique quia ACq~+
10, ' BCq, id e{ﬂ, EG, g T 2 ACB (KG) ecitque
I A w i

%

B A X

@ 0 — fr oz



Coaddber. Xoinus 245
EG.KG:hEH KH g ert EH'TLKH, h L6,
LergoEK eftapotome,cujus congthers KH.fimili k 10, 10,

argumento erit KM ejufdem EX congruens;con- 1 74, 10,
wa 8o hujus, ° :

PR:OP. LXXXIII

tsi e Minori ABunatan.

A B D C tum congrait reita li-
nea (BC) potensia incommenfurabilis exiffens tosi,
- +€* cum tota faticns tompofitkm quidem ex ipfarum

quadratis vationale 5 quod axsem fub ipfis comipe-
tur medium. * - e e i

Puta alivom '%Dmhgrucre.‘ Gum igitur ACq
—+B Cq, & A Dg—+BDqafint figo. cOTUM €x- 3 hyp.
ceffus (23 KCB=: 2 ADB) c elt py, d QE.A blem, 97,
quia ACB, & ADB funt .z per hypotb, 10,

PROP. Lxxxtv. gz
; lonr} Ei (AR,) quacwp ...
A "B 7 D Crationali medipmsanm o
facit una rantum congruis récla linéa BC, poremsia )

fcommenfurabiliscxiffens soti, ¢! cum tora facicns
ampofirum quidem ex ipfarum quadiaris medium 5
quod autem fub ipfis consinctuy,, raionale. .
Dic aliam BD etjam congrugre. 2 ergore-alyp,
angula ACB, ADB, bideoque 2 ACB, & 2bfch.12;10
ADBfunt fu. ergo 3 ACB —:2,ADB; ¢ boc clem. 79,
eft, ACq+BCq—:ADq+BDg d eft iy, 10.
QE. A quum 8 Cq+B.Gqn& A Dq +bfch.27.10
BDqfintyg perbypoth. . e

ez b

Loun.

'.-"f-" t-:'(v:-..

BT L (TSI PO

S A TV LA S S A
. [

B LTIV I :.Q_L“ : '
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EUCLIDIS Elementorum
PROP LXXXV.
N . ° Ei (AB,) que
l—A— co cum mgdin ;)cd?uu
K H M uum facis wns
B I samIuns CORGTUIE TCs
&alinea BC poten-
‘tia . incommen[urd.
bilis exiftens sotiye
’ ¢ cum tosk fecicns
‘ ¢ compofisum ex
F I G [ iHerum quadratis

medinm , ¢ quod

" fubipfis comsinerur,medium, icommenfurabilegue

a byp. '
b 114, 10,
c1.6.

compafito ex ipfarum quadrasis.
s’l:ppoﬁlis i{: quzqtaaa & oftenfa funtin 82

-hujus 3 Hquet EH & KH effe ;* “0 EF, Porro
- gitur quia ACq+CBq, hoc eft, re&ang. EG

4T ACB, b ideoque EG 1.2 ACB (XG)

eflque EG. KG:: ¢ EH, KH; erit EH .-

KH. ergo EK eft aporome, cujus congruens KH:
Haud aliter KM eidem aporoma EX. congruere
oftendetur; contra 8o hujus,

_ Definitiones. tertie.

poflit quam congruens quadrato re&tz linez

pxwﬁta ratlonali, & apotoma, fi tota plus
b

i jongltudine commenforabills ;

L. Si quidem tota expofitz rationali longitus
dine fic commenfurabilis, vocewur aporome pri«
ma,

If. Siverocongruens expofitz rarionali lon-
gitudine fit commenfurabilis, vocetur apotome
fecunda,

IiLl. Quodfi neque tota, neque congruens
expafite rationali fitlongitudine commenfura=
bilis, vocetur apotome tertia,

Rue:



~ - Liber- X.

Ruufue, fi tora plus poffit quam congruens
quadrato ye&te fibi longitudine incommen-
furabilis g :

1V.- §t quidem tota expofitz rationali it

longitudine commenfurabilis, vocetur apotome
quuta.

V. Si vero congruens expofitz radonali fir

longitudine commenfurabilis, vocetur apotome

vinta, .

VI.Quod fi neque tota,neque congruensex-

poﬁtzro;t'ionali ﬁ? Jongitudine co;'genfurabl.
lis, vocetur apotome {exta,

P R O P, LXXXVI, 87,88,89,90,91.

A.ug CunnS B Inucsire spetomen pri-
—  nim, fecnndam, tertiam,

D——-

B F  quartam, quintam, fexsam,
G Aporomza jnveniuntur,

He—m {ubduis migoribus bino-

miorum nominibus ex majoribus. Bxemp.. gr.

Sit 6 —+ 4/ 20, bin, 1, erit6 — 4/ 20, apor. 1, &e.

Quarede carum faventione plura repetere ni-
hil cft necefle, ..

LEMMA

si restangulum A C fub

A —_— D Fe En&t‘: AB, f\D. oduca{nr

' AD el E, ¢&* bifecetur DE

in F. fisque reilang. AGE—

FEq. ¢ compleantur ve-

flangula Al, DK,FH, Fi-

- ams vero quadratum LM—
By, CxBHIRH G fudranm NO=

T ] AP G, producamurque NSR.
/51X |, OST. ?
T Y, /

Dico primo, re@angul.
l TOq—+SOq, ut patetex
confir, -

@& RM Ses

299



240 EUCLIDIS Etementorum
. Secundo, Reffamg. DK—LO:. Nam quia

a confir. re&ang AGEs— Eq, bfunr AG, FE, GE

b1y.6. E-,cadeoque AH,FI, GI3; 4hoc it LM,
cr.6. FH NO e.atqui LM,LO NO df{ung = 5 €580
dfch.22.6. Fl-—cLOf—- DK—gNM.

€9. %. Tertio, Hinc, AC—=A[~D K-—-P I——
£35.1. IM+NO—LO-NM=—TR. .

g43. 1. Quarwo, b Ligues DF, FE, DE effe "I:.L
h16.t0, Quinto, §iAE G- DE, % AE O/ AEq
k1810.& — D};q,keruntAG,GE. ARpm. -

10. 10, . Sexto, Item, quisa AE ! T3 DE, meruns AE,
1byp. FE “ru. nideogque AL, ¥1 ; hau[t, LM+NO
mi13.10. &LO fuse 11,

nl 6 & Septimo,lemquis AG* “m_GE,uerum AH
10. 10, G, horep, LM, RO ,

* prius, Oéavp, Sed quia aEX 0 DE, a—«ovaE
014 19, GEYL.8jdeagucreamg FL nG(M LO
p26.° "[:x.NOqunmmLO NOp TS, qucrun
q1o. 10, :IS SO @,

r 19. 10, Nono, S‘mpmtur AE.‘!:L JAEq-DEq;
&17.10, nmnnG GBAET.

f16&10 Dwuao, f@ac refeng. AH, G‘I Imrp
10, TOq, SOq crins =

v



w” .. }7 ) PN .45‘
PRORN XCIT,
A D FGH Si fpesium AC coptinea-

sir Jub rasionali AB, ¢ A-

"y 4l | pusemaprima AD(AE-—
§- 1 | {{ DEs). refe linoa TS pass-
e ] 4 4 - AC porewes, xpomme off.

> 1) -Adwibe lmﬁm proxime

ﬁ C K'HI antecedens Propraparati- o
L N~ bne ad demeottrationesm - ~

K

, { _ bajusdgitur T8+ /- AC.
T—-——é-l"/—uo item AG, GE, AE funt ib;
’ VX/ B = W e:gQCumAE'\:L.abl’:'u
ABP,, bervm AG, & GE ot

1 c10. 10,
. ‘TLAB. cergo re&an ulx dl: .
AH&GI, boc ek TOq& | ™ 7'
R RM qu(dntp . direm ‘[‘O, ‘o
Sé) funt ¢ T, cpromde TS c& apotwnre, €74 19
E, D, B

P R OP. XCIII
Vide S'cbem; preced.

§i [patium AC contineatur fubrationali AB,¢&°
aporoma fecunda AD (AL« DE; ) reits linca
IS [patium AC porens 3 media eft apotome prima,
urfos juxea lemma antecedens, AG, GE,
* AE fome ‘)1:1_ cum fgitur AE & t’tp“ELAB abyp
berunt AR Gﬂuhm ¢ “t1 AB.¢ ergore@an- b13. 10,
gula AH G[ hoc clt TQq, SOq, funt ya 5 € 32. 1o,
dltem T b SO. Deniquequia DE e T1. d lem. 24,
AB. ¢ ferlt re&a - DI, ejufque femiffis DK, 10.
vel LOiroc eft TOS ;v g ¢ quibus fequitur T ehyp.
&) AC) effc medxz agox. 1. QED. f 22, 10,

- §75. 19,

L PROP
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2 byp.

- bas 10,

€14, 10,
d¥6. 10,

alem. 91
J0,

biyp.

€30 10,

.d 77‘ lo.

LvwarntS Elementorum
PROP. XCIlV,

Vide idem, :
8i [pavisim AC cansineasur [ub rasionali AB, ¢
apnomasersia AD (AE — DE;) reftalinca TS

frasinm AC potens, media cft aposome fecunda,
- Wetinprecedenti TO, & SOfunt g  Quio-
niam igicur DE geftp -1 AB, beritretang,

Di,cideoque DK ; vel TOS yy. dergo TS—
« AC eft mediz apot. 2. Q.E.D,

PROP XCV,
Vide idem.
8i fpasium AGC contincatur [ub vationali AB,

¢ apotoma quarssa AD (AE~ DE) reilalinea
TS fpasium AC potens, minoreff.

Rurfus TO 6 G- SO. Quonfamigitur AB"

“beftp T AB, cerit Al, (TOq+5Oq) ¢y,

© mqui e privs re@ang. TOS eft yy, d ergo TS

=4/ AC eft minor. Q.E. D,
"PROP, XCVL.
Vide idem.

" Sifpaiam AC contineatur ub vationali ‘A B,
€’ aporoma quinta AD (AE — DE;) rcfla lines
TS foarium AC potens, eft qua cum rationsli me.

. dim sosum efficis.”

abyp:
b21. ro.
¢t 78,10,

" Rurfus enim T O “-SO, itaque cum AE

afitp’ 0 AB, berit Al, hoc elt TOq+SOq

@r- Sed prout in 93 re@ang, TOS el p°v. ¢ pro-
inde TS — 4/ AC eft quz cum g% facit totum
ur- QE.D. : IR

ol PR OP,
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PROP. XCVIL

A D FGgE  Sifpstium AC conti-
neatir fub rationali AB,
@ apotoma fexta AD.
linea TS fpasium AC
posens, cft que cum me-

KHL dio medinm sosum effi-
BL C N P cit, . ‘ﬁ
3 Itidem,ut faepe prius;
o0 TOTSO. itemut in :
T vxj 96, ‘?—qu-s Ogq eft .
. Te@ang. vero TOS
eitg'y, ution 94. 4 geg alem. ot.
. .que TOq + S Oq 10,
& RM ‘naros bergo TS byg. 10,
a_. E/ 1}) C eft quz cum facit totums gery

LE M- 4.
\ Fo Ad reltam quam:
Ar—c i, vk DE * Gpplicen-
G M 1 L’turrc&ang. DF—
' ABg, @ DH—=
‘ACq, @ 1K=
.BCq; @ fit GL
- bifedainM 3 dufla.
E ue it M N parall.
F NHK &

Erdt primo, Redanz DK —ACq—+BCq, u¢
confruitio indicar. =~ -

Secundo, Redfang. A CB — GN, vel MK.
Nam DK4—ACq+BCqb=2ACB—+ acenflr.
ABq at ABqs — DF.ergoGKe—2ACB.by. 2.
& d proinde GN, vel MK =— ACB, c3.ax. L2
-, Teriio, Reflang. DIL—=MLq. Namquiady.ax 1,

*¢01,16.6,

=}

'ACq. ACBe¢i:ACB, BCq; hoceft DH.e 1,6,

MK :



A5 4 EVDCLIDIS Eiementorum

f17.6. MK :MK. I cerit PLML.:iML. IL. fergo
DIL—=MLq.

Qytms&mmr ACTG-BC,erig DK,

g16. 10, A%q NamACq-s- BCq (Dk) gm0
ACq .

Qg_mto, Ium, oL 4 DLg—G La.

hio 10 N)mmmDH (AGq) T lK(BCq)bent DI

k18 16, “t b kergoy PLq—GLgq—DL.

- §expo,: frem DL 70 GL. Nam A €q+.
lem 26. BCq . 12 ACB;hoe ¢ft, DK ‘T GK. m esgo-
Jo, DL GL.
mio. 10, Saptiwo, Linporstur AC H.BC, seris DL
nig. 1o, T Dig6lLq.

. .PR O P.- XCVHI.

usdrasum mro-
A""WC QIQ%\:B (AC—BC)
- Ihl rvationales D E
applicatum. facis la-
titudinem DG apote-

T b men primsm.
Facutinlemma-
te proxime Przcc-

H { denti.

Q__Dn jam lomu A C,BCafunt§ ‘13.,
st DK (A q-+BCq) o ACq; ¢ eigo
cng dqunre DL ¢t g T DE. e item
(‘fcb 12 107 fang, GK (2 ACB) qﬂm fergo GL ci} ¢
dz1, 10, ‘1, DE& g proinde DL 2. GL 5 b fed DLq
e22.& 24. ‘cLGTq kergo DG e(tqpoqome ‘& 'quidem
10, prima (quia m AC ' g.BC, &propterea DL
f23.10, “D._x/DLq—aGLq)

+ 813 10, . o e

blem 97 5 e
10

h b x3.10 S , . .

k7+ le . . . ) . - " . . .l'l‘ it '\
'.“thfis A
‘mrm 7. Lo embp,

1o,



Libee " X, 25§

PROP XCIK 7%

L Vide Scb&néi_fﬁeqﬂemﬁ :

Quadtatum mediz aporome prime. AB (AC— e
BC ) .#d rationatem DE applicatum, facitgatitu= TP
digem DG apotemenfecmden. - e L

Rurfus (luppofito lémimate precedemi)quisa ~° - =
AC, & BCalunty, g b, erit DK ( ACq+ 3670 -
BCq) ‘T ACq; ¢ quaré DKeltyy. d ergo biem. 97.
DLeft 5o DE. c¢item GK (2. ACB) eft 10- -
gv f ergo GL eftp" 11 'DE ; g quare DL Ty € 24 10.
GL..bSed DLq 0. GLq, k erge DG ¢ apo- ¢ 23- 10.
tome. quia vero DL I.7L 4/ DLqw Glg; Sbyp &

merit DG apotomefexunda, ‘QLE.D. ... - feb.12.10,
. o tag, 1o,
. p R-OP.. C- 1 -‘ R g l}‘ lo’.

. b 13,
T s oL Quadraggmee 10, 7
, A—-—G—]-,—“—-;'Q . die apaome - fo- k:7_4- lé.‘
Dr— ML T, cunde AB GAC 1 lem. 97,

T "‘BC) ad rationa- 0.

qdoex

‘ lem DE applica- ™ 3. def.

BN IR rum, facit lavieudi. 35. %9,

L 1. . nem DG apotomen )
e - C rertiam,’

& F N MK peru Diceft si10.
v, 2quare DLeftp* *t1 DE. item GK eftyp, ¢ 3- ' %
:Unﬂé‘G‘Leit P‘ "DfD"E’ bitem DK “I:l_\ [:(K, b “ﬂ. 36.,
¢quare DL 0. GL; 4t DLg*tL GEqleer. ' i
gn’D’G eft apot. &qllldem fs'a.‘ quiaphf:n_ cr, 6@

. . : a0, JOn
~/I-:)L-q.-.;GL"]") QE .D. . RIGEAH dﬁb, 43,
PR OP CL - & 3170
.tﬂ.’zlﬂ: .
Vide Schema praced. . fxf; def:8ys

Quadratum minork AB (AC—BC) od re- g lem g7,
Sy o . tjomtlem 10,
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256 .- EUCLIDIS Elementorum
tisnslem DE applicasum, facit lasitudinem DG

azst, 1o,

s byp

€13.10,

Uz prins, ACq—+BCq, boceft DK eft 'y ;
acrgo DLeft g *r0. DB, atre@ang. ACB,ide-
oque GK (3 ACB) * eft uy, bquare GL et ¢
baj.10. «y DE. ¢ ergo DL GL. d at DLq'
GLq.quiavero ¥ ACq 11 BCq, cerit DL 11
. dfch.13.30 /DLq.GLg: fergo DG conditiones habet

¢ lem. 97. aporomz quartz, Q. E. D.
10,
£a.def S5, PROP CIL
110 Vide Schem. praced.
Quadratum ejm AB ((AC — BC, ) que cum
rasionalimediumiosum cfficis, adrationslem DE
applicasum, ‘fecis latitudinem DG aposomen quin-
sam. :
2123 10. Ruwfusenim, DK eft yy, € quare D Lefty
bat. 1o, ‘T-DE.item GKelt 'y, bunde GLelt p". .
P t;_ 10. DE- “crgo DL T GL, dfed DLq-D_ GLq.
dfeh.120porro, DLe 1 /D Lq—~G Lq. ex quibus,
ciem, g7. PG feltapor. quinca, QE. D. 1
10, ~ ‘PR OP CIIL
fs.def.8g, . .
‘,f,.af, s : Vide Schema idem,

c10.10. queDL T ,/DLg—~

Guadratum ejm AB (AC—BC,) que cum

medion mediumiotum efficis, adrationalem DE &p-
plicatum, facizlatisudinem DG apotomen fextam.
.« © . " "Haudaliter, quamantea, 'K, & GK fuot
2123.10. pe; 4quare DL& GL funt .. DE. jtem
‘bhyp.& DKbTL GK, ¢ quare DL GL, d ergo
lem.97.10, DG eft apot, b cumi igitur ACq t1 BCq,ideo-
GLg, cerit DG. apot.

d74. 10, fexta, QE.D.

c6.def 85,
10, ;

PRO P,

h

bt

Q
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. munbilb,@ ipfa apotome ¥, asque ordine eq-,

Liber X, . 257
PROP C1V.

Ar——Rt——C Reflalina DE«.

poee— s F potome AB (AC~
D E . BC )longitudine com.

LEMMA.

§it AB. DE : AC. DF, ¢ AB ‘. DE,

Dico AC+BC ‘. DF+EF, . .

Nam AC.BC 2 :: DF.EF, ergo componendo
AC~+BC, BC :: DF+EF.EF. ergo permutando
AC—+ BC. DF+EF :: BC. EF. aat BC-.EF, alem, 66.
b ergo AC+BC'a DF+EF, QE.D, 10, "

8 Fac AB, DE :: AC. DE. ‘b igitur AC «+ b 10, 10,
BCT1. DF—+EF. ergo cumr AC+BC ¢ binomi. 2 13,6,
um fit, d erit DE+EF ejufdem ordinis binomi- b lem.103,
um: ¢ quare DF—EF ejufdem ordinis apotome 10.

eft, cujus AC—BC, Q.E.D. chyp.
PROFP. CV det, zo)
: . y ¢ Per defi-

A B ¢ Redalinca DE medie apote~ nisiones ad

" s AB (AC—BC) commenfu- 8. 10,

rabilk, ¢o ipfa medig apotomo
D F eff, atqueordine cadem,

Iterum 4 fac AB. DE:: AC,DE. b quare 3 12, 6.
AC +BC'T. DF —+ EF. ¢ergo DF + EF eft b lem.103;
bimed. ejufdem ordinis, cujus AC—+ BC, yo, '
d proinde & DF—EF mediz apotome erit ejuf- ¢ 68, 10,
dem claffis, cujus AC=BC. Q.B,D, T dys &y6.

10,

R PROP;
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alem.103.
10.

b hyp.
c69. 10,
d77. 10,

a 8. 10,

ay9, io,

EVCLIDIY Liementoruns
PROP. CVI,
S B C Redtalines DE
= + —p Minori AB_(AC
D B —BC) commen{u.
vabilis, ¢ ipfa minor eff. .

Fiat AB. DE :: AC. DF. g eltque AC+BC
0. DF +EF. atqui A C~+ BC beft Major,

* ¢ ergo DF —+ EF qucque Major eft. d & proinde

DF—EF eft Minor. Q. E, D,

PROP. CVIL

A B € Refa linea DE commen(u:
=" sbitis¢i AB (AC—BC) {ua
e . Cum vavionali medium tosum
D E R cfcitco ipfa cum rasionali me-
diumzorum cfficienseft.
N2am ad modum pracedentium oftendemus
DF —+ E Feflc potentem jy, & pr. 4 ergo DF
—EF eft ut dicitur, | '

PROP., CVIIL

A B C Redta linea DE com-
] — menfurabilis e¢i A'B

—(——  (AC—BC)) g#e cum

D E—F medio medium totum ef.

ficis. ¢ ip(a cum medio medinm sotum efficiens eff.
Nam, ad normam przcedentium, erit 0F+

EF poten: 2 ya. 4crgo DF —EF erit ut in pro-

pof. ‘

PROP,
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PR OP. CuX.
H - F K. Medio Bara-

T tionali A—+B de-

I . tx-rlaﬂo, redla linea
- . qua religuum
A'B ' fp:u'um Apoteft,

ung ex duabus ir-
rationalibus fit o
F 1 vk apetome, vel
Minor,
AdCDy, fac re@ang. CI—A~+B; & FI
=B.quare CE4—A: (Hq) Quoviam igitur 33.ax. 10 .
Clbeft jy,cerit CK ;11 CD.fed quia F1 b eft b byp. &
uys derit FK & 0. 'CD, ¢ unde CK ‘T Fx ¢onftr,
fergo CF eft aporome,  §i igitur GK'mL 4/ € 21. 10,
CKq — FKq. g erit CF apot. prima; b quare / d23. 10,
CE (H) eft aporome. fin CK ‘0 4/ CKq— €13. 10,
FKq, kerit CFapot. quinta, & proinde H (y/ f7¢.710.

CE) ! erit Minor, Q. E. D, g L.def8s,
10,
PROP CX h gz, 10,
kq..def.!is.

Vide Schem. praced. Yo

Rationali B a medio A~+B detrailo; aliedua ] g, 10,
irrationales fiunt,vcl medie apotome prima,vel cum
rationali mediumtotum cfficiens. -

Ad CD expof. j fiant retang. CI—A-+B ; & b &
FI—B8, 4 ubde CEz=A—Hq. Quoniam 7}
igicur CLbeft yp: cerie CK§ T CD. fed quia ¢ 22. 10
FLb eft 5y, d eric FKp" “TL CD. eunde CK T g 737 1
FK. f ergo CF eftapot. g nempe fecunda ; i CK , [.* °
‘0 4/ CKq — FKq, b quare H (y/CE) eft me. 3+ 0-
diz apot. prima. Sin vero CK T 4/ CKq 71 dtf 8.5 :
FKq, k erit CF apot. quinta, &prcinde H (/ fo‘ R
CE) L erit faciens yy cum p'y, Q. B, D. h S;Z- 10
k 5.def 85.
10.
16,10,

R: PROPY



260 ECVCLILDLIYD Liemintorsmns

pR o cxL
 Vide Schema idem.

Media B 2 medio A~+B detraio. quod it incom2
menfurabilcsoti A=+B ; reliqua dus irrasionales
Fums, vcl medie apotome fecunde, vel cum medio

medium tosum cfficiens. .
Ad CD jhantreQang. CI—A +B; &
a 3, 4x. 1, FI—B, 4 quare CE=A—Hq. Quoniam
bz23, 10, igitur Cleityy. berit CK § 0 CD, codem
< byp. modo erit FK § T CD. item quia Cl ¢
d 10,10, FI, derit CK-OLFK; ¢ quare CF eft apotome,
ev4.10. frertia fcilicer, i CK'm4/ CK—FKq,
f3.def.85, g unde H (,/CE) erit mediz apot, fecunda,

Io, verum i CK ‘L 4/ CKq—FKq, b erit CF
g 94. 10, apor, {exta, kquare H erit faciens up cump.
h6.def 85, Q E.D.
10, - :
k 97, 10, PR OP. CXII
A © Apotome A mon cff
"—ﬁ—"ﬁ o c4dem, quacxbink mo-
B : minibus.
ad expof, BC 5,
298, 10, fiat re@ang. CD =
bws. 10. Aq, Ergocum A fit
¢ 1.def 85. C - apotome, 4 erit BD
To, apot, prima. ejus congruens it DE.b quare BE,

d 37 10, DEfumtj “g. ¢ & BE'TLLBC. Vis A efle
¢ 1.dcf-48 bin. ergoBD eft bin, 1. ejusnomina fint BF,
10, FD ; fitque BFC"FD ; dergo BF, FD funt §
tiz.10, ‘T & BF et BC, érgo cum BC ‘T BE,
g cor, 16, ferit BE-OLFB. gergo BE'TLFE. b ergo FE
10 cit p.itemquia BE ‘Ti. DE, kerit FE-0 DE.
h.fch 12.10 Iquare FD eftapotome, Ladeoque FD eft j.fed
Ckt3.to. oftenfa eft p°, quz repugnant, ergo A male dici-

I'y4. 10, tur binomium. Q. E, D. '
Nomi-

==

ol

e A

lo,
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Nomina13. lincarum irrationaliumisser

[e differensium,
1, Media.

2, Ex binis nominibus, cujus 6 fpecies,

3. Ex binis mediis prima,

4. Ex binis mediis feconda.

5. Major.

6. Rationale ac medium potens.

2. Bina media potens.

8. Apotome, cujus etiam 6 fpecies.
9. Mediz apotome prima,
10, Mediz apotome fecunda,

11. Minor,

12. Cum ratonali medium totum effi=
-

ciens. -. .
13, Cum medio medium

totum efficiens,

cum lasitudinum differensia arguams differensi-
& reftarum quarum quadrasa funs applicase ad ali-
quans rasionalem, firque demonflrasum in praceden-
sibs, laritudines que oriuntur ex applicationibus
quadratorum barum 13 lincarum inter fe differre,
perfpicuc fequisur bas 13 lincas imser fe differre,

PR O P. CXIIL

H ¢ B ¢ F

D

B o

mominibus BD, DC ¢jss; qua
R3

Quadratum
rationalds A ad

€am , Qe tx . . |
bink nominibue © -

BC (BD -
DC) applica-
tum , Istitudi-
Bem facit apo-
tomen EC, cu~
jusnomina EH,

CH commens

furabilis  fung
¢x bink nominibue
(o



262 EUCLIDIS Elementorum

¢o* ineadem proportione {(EH, BD :: CH. DC;)
¢s° adbac,apotome EC que ;{,i" eundem babes ordi-
iem, quem ea BC, quaex binks nominibus.
acor.16.6, Ad DC minus nomen 4 fac reQtang. DF —
b14.6, Aq—BE. quare BC. CDb::FC. CE. ergo
dividendo BD, DC :: FE, EC. cum igitur BD
cbyp. ¢—DC. derit FEEC. fume EG——EC};
d14.9. farqueFG.GE::EC.CH. EruntEH, CH,
" nominaapotomz EC ; quibus conveniunt ea,
qua in theoremate propolita funt. Nam com-
ponendo FE. GE. (EC) =EH. CH, ergo
ef2. 5. FH, EHe:EH. CH.f:: FB, EC f ::BD.
fPriw.  DC. quare cum BD DC, herit EH
ghyp- CH; b& FHq . EHg. ergo, quiaFHq.
h1o.10. EHqk::FH. CH. berit FH CH, lideoque
keor.20.6. FC-O.CH. Porro’CD g eit ', & DF (Aq)
116. 10, geftp'y, m ergo FC eft i T2 CD, quare etiam
m2t.10, CHeftp“n CD. zigiwr BH, CH funt ;°, ac
nfch.r2.10 ‘G- utprivs. o ergo E. " eft apotenie, cui con-
©74.10. gruit CH, porro E%l CHf:: BD.DC, ideo per-
mutando ‘EH-BD :: CH. DC. unde quiatH-f
p1o.10. 11 DC, fetit EH ' BD. quinimo pone BD
q!s5.10. ‘1 /BDg—-DCq; ¢ eritideo EH T 4/EFfq—
riz.1o. CHgq.item fi BD 'T0_p° expof rerit EH ‘1. ei-
{ 1.def.48. dem p° ; fhot efk i BC fit bin.'i. terit EC apor,
1o, prima, “Similiter i DC ‘T p-expol, terit CH
t 1.def85. ‘o cidem ¢, whoc eft i BUfi bin, 2. x erit
10, EC apot.'2. & fi hzc bin, 3. illa eritapot. 3,
u.def48. &c, Sin BD'TL,/BDq—DCq, y erit EHTL
Io. + EHq—CHq; fiighur BC it bin. 4, vel §,
x1.dcf85. vel 6. eric’ EC fimiliter apot, 4, vels, vel 6,
io. QED, . 5
y 15, to, o :

1
i

. PROP,



Liber X. . 263
PR OP CXIWV,

(et Quadratum rasiona:
A F_& E 1% A ad apotemen B C
(BD —DC) applica-
tum, facit lavitudinem
c v BE eam, qug ex binis
nominibus 5 cujus Mo-
mina BE,GE commen-
D furabilia fimt apotome
BC nominibws BD,DC, t5° in eadem proporsione 5
¢ adbuc, que ex bink nominibus fit(BE, )eundem
babes ordinem, quem ipfa apotome BC,
aFac re@ang. DF—Aq3; & BE, FEp::3¢0r.16.6.

EG.GF. Quoniam igitur DF — Aq—CE, b1a. 6.
cerit BD, BC:: BE. BF. ergo per converfio- € ¥4. 6.
nem rationis BD. CD :#BE. FE:: EG. GF:: ‘
d,BG. EG. fed BD ¢ "g- CD. fergo BG "L;__d 19.5.
GE.’ ergoquia BGq, GEqg:: BG.GF. berit€hrp
BG 1. GF. k ideoque BG T BF, porro f1o.10, )
BDceft P‘, & re&ang. DF (Aq) K4 e‘tfcy, ler-8 fﬂ'.?-o.‘i

o BF eitp’ ‘T BD.m ergo etiam BG eftp* o b 10. 59,

D. nergoBG, GE funt ;' -, 0.quare BE kca’r.‘_ljc,-
eft bin, denique igitur quia BD, CD::BG, 19
GE 3 & permutando BD.BG :: CD.GE ; fitque l21. 10,
BDTBG; perit CD T GE. ergo i CB fit M I2.10,
apot.prima; erit BE bin.1,&¢. ut in anteceden- nfib.12.10
t, ergo, &c. ) _ 037. 104
) ’ . pio. 1o,

Rs  PRON



264 EUCLIDIS Elementorsm
PROP CXVy

£t &S
Fl—-—-—l
Gl
55
1 ® H

8i fpatium A B cominestur fub apotoms A C
(CE—~AE,) ’¢s, queacxbinisnominibia CB;
cujms nomina CD,DB commenfurabilia fins apoto.
manominibss CE, AE, ¢ it cadems proportions
(CE.AE :: CD.DB;) reifalinca F fpasinm AB
potens, off rationalis,
8it G quavis  ; & Aatre&ang, CH—=Gq,
d 113, xo, seritigitr BH ( HI-IB) apotome; & HI
' T 4 L.CDb 1 CE,¢ & Bl T DB; 4atque
bbyp) ~ HL Bl:: CD.DBb:: CE, EA. ergo permus
c1g.5. tando HI. CE :: BL EA, “l?o H., AC
d 12,10/ HI.CE:: BL.EA. ergo cum HI 4 ‘0. CE,
e10.10, eetit BHTLAC, l ergo.re&aog, HC'o.
£16.8 10 BA. Sed HC (Gq)beftp'y. g ergo BA (Fq)
x0, eft p'y. proinde F e?l ¢ QE.D. ‘
gfeh1z,10 - - Goroll.
) Hinc, fierf potett, ut fpatium rationale contid
neatur {ub duabus re@is irrationalibus, i

PROP CXVIL
Ak B E F A media AB fi-

~t ume infinite irrasi-
omales B E, EF,
&c. ¢ mulla alicui
antecedentium eff ca-
) * dem,

Sit AC expof. p's —
. fie-



Liber  X. 265
p"- fitque AD fpatium fub AG, AB. sergoAD a lem, 384
cit gy, Sume BE— 4/ AD.b ergo BE eft p, nulli 10,
priorum eadem. nullum enim quadratum alicus b 11, 10, ,
jus priorum apfljcatum ad p°,latitudinem efficic ~
mediam.compleatur reQang. DE; g erit DE jr;
&b proinde EF (/ DE) erit j; &nulli prfo-,
rum eadem, nullum enim priorum quadratum
ad p*applicatum, latitudinem efficic ipfam BE,
€1go, &e.
PR OP. CXVIIL
D Propofisum fis nobik offendere
4 iwguadrasis figuris BD , diame
;m‘ub AC l;m' AB incommes-
urabilem cffe. ) vy .
?anaACq:‘ ABqsusib ;:'7":‘ 8
stdon Q. cergo ACH L e
Lo AB. Q. E.gf’ £ 1 € 9 10,
Celebratiffimum eft hoc theorema apud ves
veres philofophos, 2deo ut qui hoc nefciret, eum
Plato non hominem cfie, fed pecudem dicerety
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LIB. XL
Definitiones.

o) Olidum eft, quod longitudinem,
5 ::ti(udinem, & craflitudioem ha-

R bet.

3 IL: Solidi autem extremumeft

i fuperficies.

I1I. Lincares
A&a ABeftadpla-
num CD rela,
cum ad reQas o-
mnes lineas BD,
..BE, BF; 1 quibus

illa  cangitur ,
quaque i pro-
pofito funt plane,
reos efficit an-
gulos ABD,
D ABE, ABF,
¥ H IV.Planum ABad

A - planum CD reGum

eft, cum re&z linex

c FG, HK, quacoms
muni planorunt’ fe-

Gionl EB ad refos
angulosin uno plano

1 EG K B | ABducuntur, ake:

tl plano CD adrej
7 Qos funt angulos,

V. Rebz



Liber . X1,

: A V. Re&e lis

nex AB ad pla-

. * num CD incli-

< natioeft, cumi

fublimi termina

. Arelz aliusli=

/ nez AB ad pla-
B h A oum CD dedu-
‘ pa fueric pers
. pendicularlsAE;
atque 2 pun&o E, quod perpendicularie AE in
ipfo plano CD fecerit, ad -propofitz illius linez
extremum B,quod in eodem eft plano,altera re-
@alinea EB fueiit adjun&a ; eft, inquam angus3
Jus acutus ABE infiftente linea AB, & adjun&a
BB comprehenfus. ' ‘ ‘

A ==¥  VLPlaniABad
¢ ’ 7F ; planim CD incli-
- —f . " natio, eft:angulus
G .} acutusFHG re@is
o lineis FH, GH
contentus, quain
E H B _. Dutroque plagqrum
AB, CD adidem communis fe&ionis BE pon-
Gom H duda, re&os cum fe&ione BE efficiunt
angulosFHB,GHB. ., ., : e
V1L Planum ad planum fimilicér inclinas
-qum effe dicltur,a1que ajteryar ad alterumn,cum
di&i inclinationum anguli inter fe fuerinr @<
quales, . -
- VI, Parallela plana funt, qua inter fe non
convenijunt, o
- EX. Similesfolide figurz funt, que fimilibus
planis continentur, multitudine 2qualibus.
X. ZEquales & fimiles folide figurz funt;
qué fimilibus planis multitudine & magnitudine
&qualibus continentur,

XI, Solidus

267
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EUCLIDIS Elementorum

X 1. Solidus angulus eft plusium quam dua2
rum linearum, que {c mutuo contingunt, nec
in cadem funt fuperficie, ad omnes lineas incli<
natio, ‘ .

Aliter,
. Solidusanguluseft, qul pluribus quam duo2
bus planis angulis In eodem noa confitentibus
plano, fed ad unum pun&um conticutis, conti=
netur,

XTI L Pyramis eft figura folida, planis com=
prehenfa, quz abuno plano ad unum pun&um
conftituuntur. ‘ ' ,

X1IL, Prifma eft figura folida, qua planis
continetur,quorum adver(a duo funt & zqualia,
& fimilia,& parallela ; alia vero parallelogramy
mal

X1V. Spharaeflt; quando femicirculi ma=
nente dlametro, circumdattus femicirculus in
feipfum rutfus revolvityr unde meoveri ceeperat,
Liccumaffumpea figuwra,” !
o iCortl, 2 :x

Hine radii omnés. &.ceatco ad fupergcﬂm

fpbarz inter fe funt c?uales.

K.V, Axis autem fphzre, eft quiefcens ilia
reQa linea, circum quam femicirculus converti=
mr, ST
' - XVI, Centtum' fphzre eft idem quod &
femicircull, - : - -

X VII. Diameter autem fphzrz, eft reGa
‘quadam linea per centrum dua, & utrinquei
fphare (upetficie terminata, ) ‘

XVIIL Conus eft, quando reGanguli tri<
anguli manente uno latere eordm, qua circa re<

-@um angulum,circumdu@um triangulum in fe-

ipfum rorfus revolvitur unde moverd caeperar,
circumaflumpea figura, Atque fi quiefcens ;c&a
. inea



Liber X1,

Yinea zqualis fic relique, qua circa re@Qum ans
gulum continctur, orthogonius erit conus; fi
vero minor, amblygonius ; fi vero major, oxy~
gonius. - :

X IX, Axisautem coni,eft quiefcens illa li.
nea, circa quam triangulum vertirur.

X X, Bafis vero coni eft circulus qui 2 circum -
du&ta reQa linea deferibitur.

X X1, Cylindruseft, quando reGapguli pa?
rallelogrammi manente uno latere corum, quz
circa reQum angulum,circamdu@um parallelo-
grammum {n feipfum rurfus revolvitur unde
coeperat moveri, circumaflumpta fgura;~

XXIL Axis autem cylindri, eft quiefeens

illa re@alinea,circum quam parallelogrammum

convertitur,

. X X111, Bafes vero cylindri funtcirculi 2
duobusadverflis lateribus, quz circomaguacur,
defcripti,

X X1V. Similes coni & cylindri funr, quos
;nm & axes, & bafium diametri proportionales

unt. v

X X V. Gubus eft fignra folida fub fex quas
dratis zqualibus contenta.

X XV, Tetraedrum eft figura folida fub
quatuor triangulis zqualibus & zquilateris con.
tenta,

X XVILO&aedrum eft figura folida fub o@e
triangulis zqualibus & ®quilateris contenta,

X %( V111 Dodecacdrum eft figura folida
fub duodecim pentagonis zqualibus & zquila-

"teris & zquiangulis contenta. '
X XX, Icofaedrum eft figura folida fub vi-

ginti triangulis zqualibus & zquilateris conten- -

ta.

X X X, Parallelepipedum eft figura folida fex
figuris quadrilateris,quarnm quz ex adverfo pa-
raljelz funr, contenta,

XXXI.So-

269
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XXXI. Solida figura o folida figura dicitur
infcribl, quando omnes anguli figurz infcripie
conftituuntur vel in angulis, vel in lateribus, vel
denique in planis figura, cui inferibitur,

XXXII. Solida figura folidz figura viciffim
circumfcribi dicitur, quando vel anguli, vel late-
ra, vel denique plana figurz circum{criptae van<

unt omnes angulos figura,circum quam defcrie

itur,
PROP 1
: Redalincapars quadem AC
D nonefl in fubjeito plano,quadam
vero CB i fublimi.

Producatur AC infubje&o
plano uique ad F, vis CB efle in direGum iph
AC; ergoduzre&tz AB, AF habent commu.
3 Y0.4x.1, pe fegmentum AG, 4 Q.F. N,

PROP IL
Siduereida lince AB, CD
¥ G  [emntuofecems, inuno fune pla-
so:atque sriangulum omue DEB

inuno cft plano.

Puta enim trianguli DE B
partem EF G effe in uno plano, partem vero
FDGB inaltero, ergore&tz ED parsEF eftin
fubje@o plano, pars vero FD in fublimi, 4
Q.E.A.ergo triangulum EDBin uno eft plano;

ar.xxr, proinde & re@z ED, EB; 4quare & tote AB,
DC in uno plano exiftunt, Q E. D,

PROP
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PR OP Il )

ING siduopless AB, CD fe
__... / mutuo fecens, communis eorum
E fedtio i cft redtalinea.

$1 BF communis fe&io
non eft re@alinea, sducaturin plano AB re&a a Lpoff. &2
EGF, a& inplano CD re®a EHF, duzigitur
reGe EGF, EHEF claudunt fpatium, & QE:A. b 14.6x.1;

PROP, IV;

y) SireRalinea EF rectis dua-

bus tinets AB, CD femusuo

A C fecantibm in commugi feitione
B ad reffos angules infiffar :
H illa dullo esiam pey ipfas plano

G| ACBD ad angulos reclos erit,

Accipe EA,EC,EB,ED
D B 2quales, & junge re@as AC,
) CB,BD,AD. per E ducatur

quavis re®a G H ; junganturque FA, FC, .
FD, FB, FG, FH. Quoniam AE ¢#—EB; a cenffr.
‘& DE4—EC; &ang. AED b—CEB, b1s.1,
cerit AD—CRB. ¢ pariterque AC—=DB, c4.1,
dergo AD parall, CB. d& AC panail. dfch.34.1.
DB. equarcarg. GAE—EBH, e&ang. c29,1.
AGE —EHB. fed & AE f—EBg ergo GE f confir,
-==EH, & g AG=BH. quare ob angulos reos, g 26, 1.
*ex hyp. & proinde paresad E, hbafesFA, FC, h4.1, " -
FB,FD zquantur. Triangula igitur ADF, -
FBC fibi mutuo zquilatera funt, k quare ang. k8, 1.
. DAF — CBF. ergoinrriangulis AGF, FBH '
latera ¥G, FH | ®quantur; & proinde etiam 14. 1,
triangula FEG, FEH fibi mutuo ®quilatera
funt. m ergo anguli FEG, FEH =®quales ac m8.1. -
8 proptecea reftifuat, Eodem modo FE cum n 10.d¢f 1.
omni-
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EUCLIDIS Elementorum
omnibus in plano ADBC per E du&tis re@is li=

e3.def.11, neisre@os angulos conflituit, o ideoque eidem

(XA N
b3. 11,

cq, 11,

plano re@acit, Q. E.D. _
PROP V.

Sirefla linea AB redi tri-

B bmlinek AC,AD, AE (c mu-

b 3 tuo tangentibm in communi fe-

A G Gtione ad redlos angules infifiass
* iR sresreitainuno funs plane,

Nam AC, AD «fuat in

uno plano FC, gitem AB, AE

funtin uno plano BE. vis AE effe extra planum

FC; fitigitur planorum interfe&io b re@a AG.

Quoniam igitur BA ex hypoth, perpendicularis

eftre@is AC,AD,cadem ¢ plano FC, dideoque

d 3.def.11, re@z AG perpendicularis eft, ergo (fiquidem &

aby.
bu:ﬂr.
4.1,
.d 8- 1.

e;. ) § X
.11,

A ABeftineodem cum AG, AE plano) anguli
BAG, BAE rei, & proinde pares funt, pars &
totum., Q E. A,

PROP VL
B €/  sidueretine aB, DC
A cidem plano BEF ad redos fins
ﬁi’ angulos; parallels erunt illarc-
G| _&xlince AB, DC.

no EF perpendicularis fit DG—AB; jungan-
turque BD, BG,AG. Quia in viangulis BAD,
ADG anguliDAB, ADG #redifunt; atque
ABb=DG ; & AD communiseft; cerit RD
=—AG; quare intriangulis A GB, BGD fibi
mutuo zquilateris ang. BAGd—BDG quo=
rum BAG re@us cum fit, erit BDG etiamre-
&us. arquiang. GDC re&tus ponitur ; ergores
&a GD tribus DA, DB, CD reQaeft ; e quz
ideoin uno funt plano, f in quo AB exiftit;

eum

B Ducatur AD, cui in pla-

P

I 4 o
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cum } itur AB & CD §ut jn upo plano; & an>

guli mgxernl BA,D DAIC&I& gcm’nt AB, g 28,1,
CD parallelz QE D. ) Fa __.___‘

'Pi‘ppu ¥Ht_-‘_‘-" i

T A RLaY : A luﬂﬁu%:uud. reda
L -E::___‘Jim‘ An; i ’
umpu» ;(in rqump
G, -;-;f#’uu:“i:;:;:ﬁf:ﬂim EEF, «:1.,.¢
Ol 8 édhosginr, 1: -4
‘P D inodomefioum: pmltlkﬂlg BT
A6 ABCD, 1! winit 2
Planum lnqm G,OD feret aliud planum
per punéta E, § npn eft ip plano
ABCD, illa con'fmunisf: it SRergo

EGFE. ¢ ‘hae ightor rq&a, % =2ef§°a3.u.

re&zEFE F a;ium‘c\; nn;, B. Af br4.ani,
B RO BV kbl

o G 10 vl d}ez,:w.

34 dinea B0 Dg Khvin dlstF &
WIDT - A Buﬂ&ii»mum plane <O 4v
n . Bpﬁq orivel ,)‘ Al
NAB L€ D ehlemNoweBE whbeifds 3 174
o by ol “l'!#’ﬂ“" 8GR, ; /-l A3 P ]
" Adfcimprzparam e depenfirncione fexs - 9-“‘3
a2 hujurs langull G DA '8 G B fe@i funki b
-aergo GD re&a ol plano pﬁADsUBGuqao 1. 4. ‘xf*"
etiam AB, CD exiffups, oGD:pﬁ CDby. 11 .
cit perpcndxc atis; alqu ang DA ;thm re- ¢3.def15l

iﬂm eft; ’trgGCDphﬁb E ,p dag. 1.

S JIEVOL R : €. 13,
e eI v -

RTINS ST B T
catow A ove gmeep o Ay g
oot A e ar b4 a,vd




278 E CCLIDIS Eleipentorum
l».\.-':’}ﬁ wintlg ome %' ‘p. ';[.__x".i foorem Ty

SCARIvEY i S0

SN H'B Qu(ARCD)rdomwes

lincg EF [iing parallele fed now
E B8 Ha codemd cumialli plane,bee quo-
s%e% ok s dPin ) guefumt inter fc parallcla. .

« ngplano ptrlciaram A, (K E dte HG per-

;.::* luﬁ%& iux_g:i;lano pggal\clagunn

a4 11, BF; CByualGperpendicwarem ad XF. g er-

b8. 11, goEMbiniaine N»‘R&-;ﬁt-,ﬁd:m

c6 11, -plasadeafeiunt Al 8O ¢ ergdd H, &

- Ci parallel funt, Q:8, Ih

@l Boilg ‘39211’*0?&‘% : int s

v T i dhgvetbaiea AT, AC (e mu-

i Ay ?@'ﬁ;“é’:‘miz_{uj&iﬂ}ii?‘réc‘w u{' DE

SR Cpt ”%:guf
Jdangrd TR bW bodeim plane, ille angules a-
XBAC,'BDF ) vomprebendens,
=3P luxq&&&ﬁ(:,nﬂggzg et in.

y Wﬂ' dweantir Msus
abyp. @ GFy rQumABUERS fintpa quales,
conflr.  hpuamp Em% parallelm Huge ;&’zm:‘e:.

b33 1. - Fodkam aabdn ah\-ﬂlla’ll! unt,& xqua-
c2.4x.1, les ¢ ergo etiamBBsF #qua-

&9.1t. o . Manintemsige B C, Bho. CGum: . igitur
d23. . giangnia BAIC) BDF @b muiyed equilatera
ey n {WQWQEM:quQs et Q E. B,

A1 pd G O osip i o-:*l',‘vleil)« N

Sk g e st AL BRI T ey

gt b B
NANSE] Ch

3.8

ad fubjeStum planum BC per-
pendicularems relfam lincam
Al ducere.

G E LC jnplanc BC duc quamvis .

a12. 1. DE, ad quam ex A 4 duc perpendiculdrem
bi1a2,1, AF.ad cansem per Finplano BC b duc norma.
- - Jem ¥H.tumad FH s demitte perpendicularem

AL eric Al re@a plano BC.
e . ' Num

siugenses fins, paralicla, mon .

3 A dape tpnide A i ublini
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. AW XL 27¢
Nam per I ¢ducKI L parall. DE; DE€ 31. %
d re@a et ad AF, & FHl,uc erit DE n%;“‘;lan d conftr.
fFA 3 adeoque & KL eidem plano fee@a eft, 4 314
gergoang, KE A reQus eft, atqul ang. AIF 4. 11,
etla?b reQus eft, [ ergo Al plano BCre@a eR.P"‘f-' 4
QED. - S hesfin
¥ RS lg.11,
e . PRO?. xxl‘n‘ . -
D . Dato ploes BC dgundte A
iailodmeﬁ,dn&nnng .

B ] in i
Joak reflay bineam AF excitare..

A _E jo Aquovisemraplanompunlto
D 4 duc DE re§am plang BG ; & jun&ta EA b3 11. L1}
duc AF parall, DE. ¢perfpicaum eft AF plano"’“ .
’\I%r:g‘amﬂ'e.‘{ﬂ.’:;." . BENCRREICE ) O
* Praliice perficlintiir'boc, ¥ precrdempa.
Wiina, Fdgznorimi 3 datoln yyndua applf:
tmor, nepatered g 1Y, L ’

ht2E TR : B T R [,:‘.i;..'_
B R R Qe XML LT

W DR DenplessAlB, 8pdlle - ;¢
EreT7) B, guiie thgie,
* A i digrcéia linog C DyOB -

"'lfl vy YGhad vefloy dugatarmen el - -
e .B‘ subuntur ab eadgm-pared. Lz
i 2t Nam mraqae CO; €08 . .
lano AB re@a efler,cxdemqg; « 2deo paraliele 2 6, 844,
oreat, quad parallclarunt definitioni repugnat, .

S PROP



sn¢  BUCL IDIS Elementorums

WL PRO R RV T
comerfe, - & . realineg AB o cfl; illa funs
LA paraligla, | .. v LGS

a pe £ Sincga ,plana CD,FE coms

, ] currant,ita ut communis fe@io
“fit 1e&2° GH; fume in hac
$- - vip ugéum ‘3 ad ‘l“°d

| quodvig-
o wUEFL i profefisiy qplanis- ducaneur
aby. @ year IA, IB.-ynde in tsiangulo {A B,duo anguli
‘3,-, 'x”f}AB,IBA:re&i{unn,b.Qz,&EiA, IR
78 S PROBRY S U
= (" sidueyiflalinea AB, AC e
B mutuo. tangemics, 4d duas reflas
1 E,‘,Dﬁ;pm.ﬂumﬁgv
P";llﬂ:x ";:’Zﬁf‘“ sonfifice;
tes 5 para per
B> g dichser Hi g:'é”,':fnp.-
arn; B A“ICAG m&am plano EE, - Sint
b3r.1, SHyGhpatallelzad DB, DP; ¢ erunthz pi.

cg. 11, riclzedamad AB, AG. Cum igiturasgull °

d3.def.11, 1GA,; HGA dfint re@inreprunt etiam CAG,
e29,1, BAGreQlfergn GAueBacht plano BCsg arqui
£4. 11, eademreSa-clt plane BF. b érgo plana BC, EF
geanfly: - fontparallela, Q E B ... .+ - _;
BEgQIn, =oor il

S~
—
T

B

77 " e

~F =
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PR O P XVLG
V- 8i duo plana paralels A Bs
+2CD, plare quopiem HEL GE
Wi Mm;iiomGMm:iIbmn [edti-
‘enes E F fint pavabicia.
" Nam 4 di{anmr non effe
parallelz, cum fint in eodem
plano fecanti, convenient ali-
ctbi, putain E quaré cum otz
HB1, FGIL 4 fintinplanis ABy 2 I, LX]
: *AXCD produflis, etismheccons v rge
yenient, contrabypoth. o v S o d
. PROP XYL, . VU0

' 1
iy §idua refle-linen ALB, CMIY
A—cF] parallelisplani BF, GR, n‘:b{nas
E L tur, in cafdem. ragiones [ecabunsur
Er_!g_ (AL, B'::CM, MD-)
it ! * Dutantur in planis EF, IK re@z
G| { " ACBD.item AD occurrens plano
B ~—DKI'G H:in N; junganturque N L',

T NM. ‘Planawiangulorum ADC,
ADB Eaciubt fé@tiones BD, LN; & AC,NM
 aparalclss, ergd AL. LB b iz AN, NR§:: 316. 113
CCMMD.QED.. T bxe

e R B IR oI R |
R ¢ v 3
Lo, oy oy V%
It s A <
-

$3 PROP



178  EUCLIDIS Elowentoram

PRQP XVIIL
B F e cpiim CD 4k
. 7T »
) E G ﬂpmf;{z
EX- . omia,
“\H B YABm-?‘({s';,ac.)
peidem plam CD od
A veltos angulos crume.
. DuRum fit per . AB planum #liquad EF, f2.
-i* .1 chenscum plano CD feQionen EG 3¢ cujus
a3r, 1. . pealo H, inplano BF sducatur HI pa-
b8, 11 :;1.,33.'1;’«5: lls-i(l; re&apn:gqlCD;,pazh;atu
1, aliz quzvisad F rpendiculares. ¢ ergo pla-
€ 44 num?ﬂ»lammp:&uuﬂm&mqu%nio.
ki i ada per 2 planc EF re-
Gacat QE.D\ R
' - PROP XX .

3
bt

o

CD, fe musus fecansia,
1. :‘l;l:%;fﬁ {; Had

{ ] o
msni vl omam fo
&is EF adrelloscidem

ez "G iy .
i J plens

Quonlam plana AB, €D ponustur seds

lano GH, patet ex 4. def. 11, quod ex pur@o

in uroque plano A B, CD duci poffit per-

a 13,11, pendicularis plano GH'y quz 4 unica erit, &
g?‘ﬂ’g eorundem planorum commnis fe&o.

PROP,

(G H)enguloseit.



v Kiber CXRYIDG P
PROP XX.

D " 84 folidwe. angufds ABCD
)\ sribwe angulis planis BAD ,DAC,
£~ AN\ . BAC contincatur; ex bis duo qui-

B E_ Clibit,usme cfuay::,to;fm funs ma-
res, '

Si tresanguli’f:mraquales, p&u filo; fi
inzquales, maximus efto BAC. exquo 4 auf" a3 I,
BAE-:‘:%A% &g ADAE ;. t\gcaqmue
BEC, B

Qn’x_omam Lawis BA co?munt cﬁ‘& KD B beonfr.
AB;& ang. BAE b—BAD; rerkt BB—BD- ca L.
{chD-vDCdr:‘BC. eesgx C, cum d 20. I
igitur AD b —AE, & latus AC comipuue eft, ¢ 5. 4x. 3.
3 DCCECS, esit gt CAD-EAC, gergo sfag L.,
ang.BAD—*AD;‘A QE.D.,| . .geml,

e&op XX - .' S

: Omti ]3&“ I
fiud ‘mindribm co
" tuby velhi - augﬁmpmh A
tommui' T
Lavera “Smﬁl loTlai an-
gulft A tecans planum ut-
B . & cunque faciat figuram
SHAY maldiacdrdi BCDE, &
totidem mangula ABC, ACD, ADE, AEB
Omnesgngulos pOI}'gonl voco X u& fummm
angulorom ad trlgOhorum bafes vogo Y. quare
X4 B.c&.a*—Y-o-A ja ver ’(e&ngqﬁs Majne@

By cfta BE+ABC BE; ucerum cb 3:.. 1.
firde anguhu C,4d D,ad B, ¢lighet fore Y
=X, Proxnd-;rlu\‘-.ukt&. Q—rﬁ. e ; s. a:. l.



alx - EUCLIDIS Elementorsm
: /A A B

yot PROPXKIL

- v‘.?."A\,i“.'-- " B K AC .

. 'DAEFA\ sz
Lo FA O I I | T, o
S fuerins bres dngubi plind AR, HCI, guorami
w30 - - due uslibes affumpsi relique fins majores 3 compre—
gulaumn)p 1 refle binca eguaisy AD, AE,
B, &c. ficri poreft, ut ex veilis tine DE, FG,
 HI, s illas Yectae commectemtibin stishguinm
.. comfituage, v U P R
2,1, ' Ex s’ conftrui poteft trisngulom, f -duz
" = qualibet relfqua majores exiftdnt ; fed'ita fe res
b33. 1,  habet, Nam & fac ang. HCK-+B,:& CK—CH,
€1, ducantugque HK, IK. ¢ ergo KH—=FG, & quia
dbyp.  agg. KL g':& s erit KICCDE. fed KIf—a
€34, 1. HIKH(EG;) ergo DE 3 HI+FG. - Si-

B e

€20, 1. mili argumento quavis duz réliqua majores
oftendeptyry & proinde ex dis tridogulum 4 cons
e GED., |
R A N 19 ST N I C
iR OP XXIIL

S T

. r

B'D'Q 1_.~ i

Wi

Extribus angulisplanis A, B, C, quorum duo
guomedocunguc affampsi religus [uns majores, foli-

#21,11, dwmangulum MHIK conflitucre. *Oportes ausem
illgs tres angules quasior refli minores cffe. -

" FK e
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Liber = X1. 28z

Fac AD, AR, BE, BF,.CF, CG zquales
interfe. Exfubtenfis D B, BF, FG (hoc ¢it,
ex zqualibus HI IK, KH) 4 fac trlang, HKL 322 51 &
circa quod b defcribatur circulus LHKL #Quo- 32, 1,
niamivero AD—HL; ¢it ADgq=—=HLq+byg, 4
LMy. dfitgue LM re&a plano circuli HKL 5 & *pid gles
ducantur. HM, KM, IM, -Quoniam igitur ang. zigm,
HLMe teQus eft, f erit MHq = HLq—+ LMq ¢ ih 49,1,
g =ADq." esrgo MH—AD., fimiliargumento ¢'r32, 1y,
MK, M{, AD (id eit, AByEB, &c.) zquantur’; e g defirrs
ergo cum HM—AD, & MI—AE; & DBh—=f4y 1,
HI, k erit ang. A—HMT; kfimiliter ang. IMK ¢ congty,
=B. k& ang. HMK—¢. Fausettightur hcongy, .
angulus folidus ad M ex tribus planis dads, i 8, 1, * -
Q. E. F. Affumptum eft fore ADcHL. e
Hoc autem conftas, Nam i AD—vel*3HL,

‘erivang.A &—, bvelc~HLI. Eodem modoerit 2 conflr, -

B—, velc*HLK, & C—, velc- KLl quare & 8,1,
A-+B-+C #*quatror re@os aut exzquabust, aue bar. 1J -
excedenc, contra hypoth. quinpotius fit ADC #4.¢0r.13.
HL- QB}D: i c o ' ‘-



28 EUCLIDIS Elsmentorum
PROP. XXIV, ’

'Y B sifolidim AB pa-
) Y vm‘lgﬂah mclmi_aw

i tur adver(a illing plana

D - ZL (AG,DB,Xc.) parel-

s v lclogramms (ust fimi-
/ F. m‘(;'cquli'; -

A “H Planum AC fecans

216.11. plana paraliela AG, DB, 4 facit [eQiones AH,

DCparallelas.Eadem ratlone AD,HC paralle~

lefunt, Brgo ADCH citparaliclogrammum,

Simill srgumentoreliqua parallelepipedi plana

b 35.def.1. (ot b parsliclogramma. = Quum igitus AF ad

cio. 2. HG, & AD ad HC parallelx im, ¢ ericang.

d34. 1. FAD-=CHG;¢rgoob AFd=HG,& ADd—=

e23. HCacepropterea AF, AD :: HG. HC, trian-

6.6, gulaFAD,GAH gfimilia funt & b.aqualia;pso.

4 1e  inde & paraliclogramma AE,HB Gmilia (unt &

k6. ax. 1. g mqnalia, idemque de reliquis appofisis plasis
offendetur, ergo, &c. .

PROP XX
P F ¢ ¥ i folidum

Y /| tevekelepipe-

L G - dum ABCD

, Ol{ plons EF fece-

- tur Mm&v

M|/H . plaak A D,

I 7A £ B _ K BCperaliels,

erit guemedmodum bafis AH ad bafim BH, isa fo -
Jidum AHD «d folidum BHC, '

Concipé Ppp. ABCD produci utrinque. ac-

%{Alz AE, &BK—EB; & po?: lana

1Q, kP rhnis A D, BC parallela, paralielo-

236.1. &gramma IM, AH, s& DL, DG, 5 & IQ, AD,
1.def. 6. BF,&c. & fimilia ac zqualia funt ¢ quare Ppp,
bas 11, AQ—AF; arqueeadem ratione Ppp. BP =
< 1odef. 11 BF, ergo folida IF, EP folidorum AF, EC =~

o

- - EFULESE - £

que:
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quemuleiplicia funty ac bafes 1H, KH bafium
AH,BH. Quod fibafis TH = <3 KH,de- d24.10.&
rit Gmiliver folidum ¥F o=, —, =3 EP, eproin. 9. defs 11,
de AH.BH :: AR EC, Q E.D. , e 6.def.s.
H{u:' cadém oini prifmasi accommodari poffuns;

BN )

.« .. 2 Corell, .

- 8i prifma quodcunque - fecesur plano oppefitte
phn!‘:r paralalo,fzaig exie figura zqualls, &fi-
wills plamis oppofitis, c

_PROP. XXVL -
LA Al datam ve-
ﬁl? lincam AB,
ejufque  punshon
" 8 A, conflisuere en-

By; Egulum  (stidum

£ AHLL, equilem
folide sngulo dato CDEF. :

A puaBto quovis F & demitee FG plano DCE g 15, 11,
re@am ; ducaoturque redz DF, F1,EG,GD, .~
CG, Fa AH=CD; &"ﬁ' HAI=-DCE. &
Al:=CB ;5 atquein plado HAL fac ang. HAK

C6; & Mk-—CGh  Tum erigeXLre8am
plawe: HAL, & fic KL==0GF. dpcaturgue AL,
crie zagulis folidue AHIL par daco CDEF.,
Nambujhirconfhruitio dlitfsconfitutioné s pe- +
nitus Zmulatur,u faciie patebit examinantd.er-
pw ) R ST

v

RROP,
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G o PROE XXVIL™ o
N R 0 Adauuéu
e linea A B, date
i I N T | folide gmlulc-
§>) ytpcdo
Al Bc ©E Pa]im’l paralle-
"’W’lﬁxdefmbdb

- Bx angulisplanis BAH, HAI BAI qnlzo
336,18 s fint ipfis FCE, ECG, ECG, 4 fac 30gu
b1s.6  um folidum A folido C patem. item b fac FC,
€33 5. CE:: BA,AH. bac CE.LG: AH.AL (cunde
eritexzqﬁaliFC CG:: BA.AL) & perficiatus
Ppp. AK. erit hot fimile-dato, .

d1.4ef.6. PR v contte. Pgra 4 BEL, BB, d & HY
€34 1L pG; &dBl, FG (il funt, & ﬁn;mm [:;leo
- oppolita |llorum oppofitis. ergo fex plana folidi
Eo.defrr fl‘(wﬁmm& funt fex‘;;hnis folugn CDP fp-olnde

AK, CD fimilia folida exiffunt, ‘Q/ &’R

) pkop, XXVLII.,; i
e "’, ; B *Si folidum’ ptrdlekmc
“EAT i iB plams. FGCD Je.
D " : ‘W ’!’ dug.m’ D F;

o~ . rum planersin
F L [ A, HB;thaih

.A: IS B T ddu sAB. ab rp{o

\ ' ﬂlu:FGCRu

L quia DC. ¥ zquales &-,mﬂclg

bisr funt, b planum FGCD cit pgr. & propter
4pgra AE, HBzqualia, & fimilia, b etiam eri-
angula AFD HGC, CGB, DF8 zqualia&
fimilia funt, Atqux Fgra AC AGipfis FB,FD
4 etiam 2qualia & fimilia func, ergo pnfmans
FGCDAH omnia plana zqualia funt, & fimili=

c9.def.11. a planis omnibus prifmatis FGCDEB; & ¢ pros
inrkc Jhoc pnf ma illi zquaur, Q. E, D.

PRO P,

’

Ta
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=

‘ SENEE 7. TES 7 AR
D P RGP KXTRS

L S5 B SRR 1,

t;

BRI M T ]5‘
. .o : .
‘i ' gy

Solida parallelep

3

LT Nk T gelt
ke C l yé [

- “@ ‘AJ)‘/[A-.‘N
I/l /wﬁ
; 2

LI r-'E- T . N 1
- Ch o, A I3

HAT T TG e -y :(;“f'~ .
iteds AGHEFBCD,
AGHEMILK] {upcr,&audcmb@ﬁn AGHE

28s

conflituta, ¢ ¥ ini cadem abtisudine ; quorum infi. *1d eff,in: .
fienses linca AF,. AM injifdem cdllocantur rellis ser paral-
lineis AG, FL, fuls inter Je aqualia,
Nam fi exﬁ:gn;{illus,‘yrilmads AFMEDI, AG HE,
G B L HC K_commiune auferatur prifma FLKD, &’
N B M P C',: addatarque utringue folidum fic imsellige

AGNEHP; b erje_Pyp, AGHEFBGD =

AGHEMLKL QE.D. - A7,
. PROP, XXXevy

T i s 3‘!, e .i,.“ (R T
B O B TR R R N e 1 APl ¥
~ TS SR TN 4
E Y N
. F M
o "Q .t . IN
AT/ O RN o /2 4
s L B y ot
) 1 EE % R
,‘4 : H N N AT L") 7.0
IR W B sk 4
A B
NS L. 2 ] :’:"L?:? LTI

, ;;\, I R L",j' “ PR Lo
- aelida paralloepipeds A D B.C REF S .-
LS. =

lels plana

in fequens,
a lrog def.
I&35.8,
b3. &a,

ol A
e
w e
"o

B b
oLt

L.

s
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ADCBIMLK fiperéandemwiufon ADCB cons
flituta: ¢ incadem alsisudine, quorum infificnics
linea AH, AL monin it{dem collacanticr reitis Limc-
#s, ineér fe fums aqualia.
Nam produc re&3v HEO, GFN, & LMO,
8341, KiP;i&duc AP,DO,BQ,CN, s erunttam
DG, AB, HG, BF,PQ, ON; quam AD,HE,
GF, BC XL, [M, QN, PO zquales inter fefe
bag, 11, & parallelz.b Quare Ppp; ADCBPON Qutri-
que Pppo. ADCBHEFG, ADCBIMLK zqua-
‘€ Ko #% k. le eft ;& ¢ proinde hazc ipfa infer fe 2qualfa fune,

N S S A B ) L
. - . AT ;‘- ,;D ‘R

1

L NSRRI T I W s e
Vg iger o B 11*3::.9’1 5 ﬁ\? P D
VAR YR VA ‘i : ‘:’ 5 W

o T

Solids - pzr;)lle‘kpipcll ALEKGMBI,
C Pd O HQD N fuper equales bafes ALEK,
* Aliitudo, CPoO confiirtata, ¢ *in cadem altitudine, a-
eft perpen- qualia (unt inter fe. Ny :
diculary 2 Habcarupiimo i la.
plane bafis tera ad bafer re&a § & adf lanog CP prpduGtum
ad planum 4 fiatpgr. PRTS 2q. & frim SOHELA;
sppofsum. b adebque Pop. PR TSQVY X 2q & fim,
a18.6, Pppo AR Prodecannir) OBE; ?,AaPZ,
A DQF, ERE, 9V5, ¥S¢, XXF s Ak duc E,
10.def.11, Ba,, ZF. RS PN A
c30diftr “Plans O¢ SN, CRIASTYE ¢ parallela
dbrp.& funt inter fe5 4 & pgra ALBK, CPo O,
35.3.  PRTS,PRBZ xqualfa fime: . ‘Cum 1!"“’1’PB-
- . C

i



: - Liker XI. 28y
CN.PV Ja et pgt.Ca (PRBZ)Ra. Ppps ¢ 25,18,
PRBZQVyE. PV Ju,feric Ppp. CDf=F9.5.
PRBZQVyFg—PRVQSTYXb=AB, g19.13,
Q.E.D.. i Weonflr,
Sin Pppa AB, CD lawera haﬁbnsobllqua va-

beant ; tuper eafdm bafes & ineadem ahbtudi
tie,ponantur parallelepipeda, quesum lacera bad ;
fibus finf re@a. k Exinter fe, & obliquis zqualia k 29. 150
erunt 5 m promde& obhqua AB, CDaquags ™ 1.4%.T¢
tr. Q E.D .

“PRO P, X‘X X [I.

oo

—N

)
o
| o112

| B ¥

B
e,

(Vg bt T

Belepiped
) ;%z“

lkodu&a BRI« AB& b coplple 2 43, 12
thp. FINM. Liqhet iPp b3,
(cABCD)‘EFGLcLu FlL. (AB) EF, QEMD, c31.110
l ‘:\!'PROP 'xx,xrlt “h,‘rida’..:-
S " similia oliday\inl.-

J SN ’-?Y“,-"ldtygafABGD,

B B BRQH ;. dnber fb. fans '

{"*- Z LP:, “viplicase yariewr

L -t onewle Desovuts LI
Ry vy 13- X, AR

Jubaiull. 19 a gt
L 3% CEN iphs BK WH/,;E ER
KF zquales, bzdnqhe b Lpite

| AGL Prodweantur : xel® ¢ i -
l’& TalL, DLO,BIN. i
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“e3tt, & Ppp, IXMT 2q. & fim. Pppo EF GH.
d byp. ¢ Perficiantur Ppp, 2 IXPB,DLYQ. Iraqued
er,6, - etiv Al IL; (EK):: DL 1O (HK):: BI, IN.

f32.11, (KF3) hoc eft Pgr. AD DL :: DL. IX :2

BO,IT; fideft Ppp, ABCD -DLQY::
comfir. DLQY. 1XBP:: IXBP, IXMT. (¢ EFGH.)
10.def 3, bergo ratio ABCDad EFGH rriplicata eft ra-

k1.6.  donis'ABCD ad DLQY, %vel Alad EK.

™

T T QED, )
Corell.

Hine, fi fucrint quatuor linez re@z continue
proportionales, w é{t primia ad quartam, ita eft
parallelepipedum fuper primam defcriptum ad
parallelepipedum fimile fimiliterque dcf‘:fipmm
{uper fecundam. . .

PROP XXXIV. .
G o qualinm [o=
le ] pipedorumADCB,
1Et——{-| EHGF. bafes ¢@
e (Y E alsitndines -* voti
A

N 7 " {7H precamner (A D,
1 D e L/, }E';I':':EG.AC‘)
It I‘) _4.»3.-: Ty ' Q. Es ’”'/u'. lelide-
BTN yum o parallelepipedprum ADCB; BHGE

bafes ¢ alsisudines reciprocansur’, il fums a-

. o \Sifit primo latera CA, GEad biles e&ta ;-

_yam folidorum altitudines fiat pares , ; etiam

a3, bafesequales esun-. 8 resclira eft, Stn alitu.

b3r.1,  dinesinzqualesfing, & m:éori BG-&detsatic EL

€32, 11, — A C, & per1btac planuny IR pacaliclum

di1y.5. baiEH. itaque . L

e1.6. -G Hype ADL EHics: Pp‘&s’ ADCEEBIKA &

fconflr.  Ppp. EHGE.EHIK ¢ ¢: G L.1Le:iGR, IB

g1l 5. & (f AC,) gliqect ighuteffe AD.EH YGE:AC
3, QED. ...

2 H .

A R P
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2.-Hjp. ADCB. EHIK b :: AD, EH g h32.112
EG.ELI::GL, 1L m:: Ppp. EHGF. EHIK, khyp.
» quare Ppp. ADCB—EHGF. Q.E.D. I1.s.
Sint deinde Jatera ad bafesobliqua. Erigan- m 32.11,
tur fuperiildem bafibus,in altitudine eadem,pa- n o, §.

C A TR L 2 WR o §- AR

A S T

rallelepipeda reGa, Erunt obliqua parajlelepi-
peda his zqualia. Quare cum hac per I partem
reciprocent bafes & altitudines, ctiam illa reci-
procabunt. Q. E.D, -

Coroll,
Queg de parallélepipedss demonfirate funst Prop.

£9,30, 31, 32, 33, 34. ctiam conveniunt prifmatis
sriangularibus, que funt dimidsa parallelepipeds,

, urpatesex Pr, 28, Igitur,

1, Prifmara triangularia @que alta funt ue
bafes. ,

2. Sieandem ve] 2quales habeant bafes, &
eandem altitudinem, zqualia funt,

3.5i fimilia fuerint,corum proportiotriplicata
eft proportionis homologorum laterum.

4. Sizqualia funt, reciprocant bafes & alti§
rdines, & fireciprocant bafes & altitudines, 24
qualia erunt.

PR OP. XXXV,
A D 81 fuevins dav

BAC plani  an,
/E@{ BAG, i
. 4ies,quorum

LYAM7 1k TricibmA.D,

G I fublimes veite
i linee AG,DH
infifiant,que cum lineis primo pofitis angulos comti=
neans aquales,mrumgsutrig; (ang. GAB—HDE;
& GAC—HDF, ) in [ublimibus autem lincip
AG, DH quelibes fmp_lt_a fuerins punita G, I-‘I;
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€5’ abbisad plane BAC, EDF, in guibus confi-
feuns anguli primum pofiti BAC ,EDF, dutfx fue-
ring perpendiculares GI, HK; 2 punitk verod, K
que in planis & perpendicularibus fiune, ad angulos
primum pofitos adjunile fucrins redfe linca A1,
DK;be cum [ublimibme AG, DH aquales angulos
GAM, HDK comprebendent,
Fiant DH, AL zquales, & GI, LM paralles
Jzy & MC ad AC, MB-ad AB, KF ad DF,
KE ad DE perpendiculares, ducanturque re&z
a8.11, BC,LB,LC,atque EF, HF, HE ; a4 efique LM
b 3.def, 11 re&a plano BAC ; bquare angull LMC, LMA,
LMB ; eademque ratione anguli HKF, HKD,
c47.1, HKEre@ifunt, BrgoALq¢—LMq-+ AMq
¢—ILMq+ CMq+ ACq ¢ —=LGCq-+ ACq;

d48,1, dergoang. ACL reGuseft, RurfusALqe— =

c47.1. LNy+MAqe—LMq+BMq+BAqe—

B Lq—+DB Aq. 4 ergoang., ABL etiam refus

elt, Simili difcurfu anguli DFH, DEH re&i
f26.1, funt, fergoAB-=DE; f & BL-—EH; f&

AC:=DF; & CL=FH. g quareetiam BC
g4 1. —EF, g &ang. ABC——DEF g&ang. ACB
h3.4x.t. — D FE. urdereliquiéreiis anguli CBM,
k2s. 1. BCMreliquis FEK, EFK 2quantur. g ergo
l47.1. ~ CM——FK, lideoque & AM—=DK. ergofi
m conflr. ex LAQm— HDq. auferatur AMq— DKgq,
n 47. 1, & n remance LMq—HKq. quare trigona LAM,
3.4x. HDK fibi mutuo 2quilatera funt. 0 ergoang.
v8,1; LAM=HDK. QE.D,

Coroll,

Itaquefi fueriot duo anguli plani aquales;,

quorum verticibus fublimes re@ linex 2qaales
infiitant, quz cum lineis primo pofitis angulos
sontineant &quales, utrumque utrique 5 erunt
a punctis extremis linearum fublimium ad plana
angu'orum primo pofitorum demiflz perpendis
cularesinter fe 2quales ; nempe LM—HK.
PR OP.



Liber X1, 29x
PROP. XXXVI

H N Sitresveiie i)
ne2 DE;DG, DE
G M proporsionales fuss
F L rif;-, g;«:d olxdbﬁ

; sribua v folidumi
D E I X pafdklcpip{édmﬂ
H, aqualeeft de[oripte 2 medialines DG (IL)
[0lido paraliciepipedo AN, qnod equilaterum guidem
fit, aquiangulum vero pradiéifo DH.

Quoniam DE. IK4:: IL, DF, b erit pgr.LK a fyp)
=FE. & propter angulorum planorum ad D & b14. 6.
I,ac linearum GD,IM mqualitatemn, etiam alti- -
tudines parallelepipedorumi zquales funt, ex
coroll. przced. ¢ ergo ipla inter e qualia funt, ¢ 31, 113

Q.E.D.

PROP XXXVIL
C D

8i quasuor reiie linee A, B, C, D propertiona=,
les fuering, ¢ [olida parallclepipeda A, B, C,D
gua abipfis @ fimilia, ¢ fimiliter del(cribumur,'
proportionalia crune.  Etfi [olida pavallelepipeda,

ue ¢ fimilia, & fmiliter defcribunsur, fuering

proporsionalia (AB:: C,D.) & ipfercitalinee
A, B, C, D proportionales erunt.

Nam rationes parallelepipedorum ¢ triplica- a 33, 1%;
te funt rarionum,quas habent linez.ergo fi A.B
:: C D, berit Ppp. A, Ppp. B :: Ppp. C. Ppp. b fch.25.4,
D. & viceverfa, - ’

Ts  BROP.

) )
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PR O P. XXXVIIL

P Siplanmum ABad

plenum AC- redtum
ACF R wris, @ abaiqus
S punio E eorum, que

funsinuno planorum (A B) od alterum planur
AC perpendicularks EF dulla fucrit, in planorum
communem [etionem AD cades duita perpendicse
lark EF.

Sifieri poteft, cadat F extra interfeQionem
a1 1, AD. Inplano AC « ducatur FG perpendicula-
bgs, &3. risad AD,jungaturque EG. Angulus FGE bre-
© def,1i. &useft;& EFG refus ponitur. ergoin triangus
c¢17.1, jo EFG funt duo angulire@i, Q.E.D,

PR OP XXXIX,
A M K 8i folidi paraflcle-

(3 L pipedi A B, corum
i qua ex adverfo plane-
L\ _ rum AC, DB Lters

= K[ 1€ (AE,FC,AF, EC, &
‘ A DH, GB, DG, HB)
D H bifariam fecla fint; per
R [ectiones autem plana
e} & ILQO, PKMR fim
¢ chm[a 3 plamorum

P communik fetio ST,

¢ folidi parallelepi-

pedi diameter AB, bifariam femutuo fecabunt.

a34.1, Ducantur re@2 SA, SC, TD, TB. Propter
b2g.1. &latera DO, OT lareribus BQ. QT, bangu-
c4.1.  lofque alternes TOD, TQPB zquales, cetiam
dfch.15.1.bafes DT, TB, & anguli DTO, BTQ zquan-
€34, 1. tur, d ergo DTB eft re@alinea. eodem modo
to. 11, & ASCTreQaeftlinea. Porro etam AD adFG,
I.ax. equamFGadCB; fideoque ADad CB,gac
833. X, proinde AC ad DB paralle]lz & zquales funt:
T bquate




ARt

LS e

3Ty =

R L T L

i LT e

. #erunt hzc 2qualia ob b bafium AC, GP, &

Liber XI. 293

b quare AB, & ST in eodem plano ABCD exfi- hy. 1n;
ftunt, Iraque cum anguli AVS, BVT ad verti~ )
cem, & alterni ASV, BTV zquentur ; k& ASk?. ax. I,
—BT,; et AV=BV, I & SV=VT. 12,1,
Q.E.D. ‘

4 ) Coroll. ‘

Hiac, inomni paralielepipedo diametri om~
nes fe muguo bilecant in uno pun&o, V. ;

PROP XL
o NK
D
E 1.
) CM Ir
A3 & H

Si fuerint duo prifmata ABCFED, GHMLIK
nqualis sliivuding quorumboc quidem babeas bifim
ABCEF parallelogrammins,illud vero GHM trian-
gulum ;. duplum ausems fueris pavallelogyammum
ABCEF trianguli GHM 5 equalia crunt ipfa prif-
mata ABCFED, GHMLIK,

Nam fi perficiantur parallelepipeda AN,GQ, , 3L 11

¢altitudinum zqualitatem.d ergo etiam prifma- b34.1.
1a, ¢ horum dimidia, =qualia e%unt._ Q. %.D. gz’;.;x.,
Schol, d 28,11/

Ex baitenws demonfiraris babetur dimenfio prif- € ”;’;'.;;
masum sriangularium, ¢ quadrangulavium, fen <7200

: zzmuclepipcdomm, finimirum altisydo ducasur in

afim.
jli.lt fi altitudo fit 10 pedum, bafis vero pedum
quadratorum 100{menfurabitur auzem bafis per
Sch,35.1.vel per 41,1.) multiplica 200 per 1o 5
I3 pro-
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proveniunt Xoso pedes cubici pro foliditate prifz
matis daci,

¥ide fchel,  Nam quemadmodum reGangulum, ita & pa-

3514

ralielepipedum reftum producitur ex altitudine
du@ainbafim. Ergo quodvis parallelepipedum
preducitur ex altitudine in bafim dufa,ut patet
ex 3 1. hujus, .

Deinde cum totum parallelepipedum produ-
catur ex altitudioe in totam bafim, femiffis ejus
{hoc eft prifma triaugulareg producetur ex altis
tudine du&a in dimidjam bafim, nempe triang
gulum, '

Monitum,

Nosa,lisserarum qua defignant angutum folidum
primame(]; [emper ad punitum, in 3149 eft angulm;
Listeragnum vevo gue denosant pyramidem, uisisam
effe ad'versicem pyramidie, e

Ex.gr.Angulus folidus ABCD eft ad punftum’

A; pyramidis quaque BC D A vertex eftad
punQum A, & bafis triangulum BCD, '

'LIB.

P oas

e L
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Mo W

A AN =

C295)
LIB. XII
PROP I,

M efuntincirculs ABD, EGI polys

gona fmilia ABCDE, FGHIK,

4 imter fe (unt.ut quadrata & diame-

NG tris AL, FM, .
S~ Ducanwr AC, BL, FH,GM,

Quoniam ¢ang, ABC—FGH, aatque AB. BC 2 I.def6;

1 FG. GH, berit ang. ACB (¢ ALB)—FHG b6.6."
(¢FMG.) anguli autem ABL, FGM d re&i,ac € 21. 3,. ,
proinde zquales funt. e ergo triangula ABL, d31.3.*
FGM zquiangula funt, fquare AB.FG$: AL, €333,

FM, g ergo ABCDE, FGHIK :: ALq. FMg, fcor.4.6.

g22. 6.

(:o_rou.

Hinc (quia AB.FG:: AL FM : BC. GH,
&e¢.) polygonorum fimilium circulo inferiptos .
rum b ambicus funt ut diametd, b1, 12, &

12§,

PROP.

G
o
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PROP IL

Circuli ABT, EEN inter f¢
funs, quemadmodum quadrasa i
diamesrd AC, EG.

" Ponatur ACq. EGq:: circ.
ABT. L. Dicol —eire. EFN, o

Nam primo, fi ficri potett, fit I=3circ, EFN,

fitque exceflus K. Circulo EEN infcribatur

afch. 7. 4. quadratum EF G H, 4quod dimidium eft cir-
cumfcripti quadrati,adeoque femicirculo majus.

b3o.3, bBifecaarcus EF, FG, GH, HE, &ad pun&a
bife@lonum junge re&as EL, LF, &c. perL
c[¢h.27.3. duc tangentem PQ_(¢ quz ad EF parallcla eft,)
: & produc HEP, G FQ eftque triangulum

d 41,1, ELFddimidivm parallelogrammiEPQF,adeo-
© quemajusdimidio fegmenti ELF ; pariterque

reliqua triangula ejufmodi reliquorum fegmen- -

torum dimidia {uperaat. Et fi itcrum bifecentur
arcus EL, LF, FM, &c. re&zque adjungan-
tur,codem modo triapgula fegmentorum femif-
fesexcedent. Quare i quadracum EFGH é
: circulo EFN, & e reliquis fegmentis triangula
€ 1. 3o, detrahantur, & boc fiat continuo, tandem ere-
ftabit magnitudo aliqua minor quam K, Eo-
ufque perventum [it, nempe ad fegmenta EL,
LF, FM, &c. minora quam K, fimul fum-

s S 3 pta.

AN



Liber X1

f’ta.‘ ergol (fcicc, EFN—K) = poly%. fhyp. ¢
I, &%,

ELFMGNHO (circ. EFN —fegm, EL+L

&ec.) Circulo ABT ialcriptum g puta fimile po- g 30.3. ¢

lygonum A KBS € T D V. itaque quuth X, peffx,
AKBSCTDV, ELFMGNHO b :: ACq. h 1,12,
EGqk ::circ. ABT.L ac polyg. AKBSCTDV kbyp,
L cire. ABT. m eric polyg. ELFMGNHQ 1 9. ax.1,
-2 1. fed prius erat I -1 ELFMGNHO. quz m 14.3.

repugnant.
_ Rurfus, i fexi poteft, it I~circ. EFN.

Quoniam igitur ACq. EGqn:icirc. ABT. [y nbyp.

inverfeque 1, circ. ABT :: EGq. ACq. ponel. -

circ, ABT :icirc EFN. X, 0 ergocirc. ABT 014, §.°
cK. patque EGq. ACq:: circ, EFN. XK, Quz p12.9,

repugnare modo oftenfum eft,

" Ergo concludendum eft, quod I—circ, EFN,

Q- Eo Dn '
oroll. ,

. Hine, ut circulus eft ad circulum, Ita polygo-

num in illo deferiptum ad fimile polygonumin

hoc defcriptum, ‘ '

—

PROP IIL

A Onmsé pyramy ABDC

: triangularem babens bafim,

dividitarin dugs pyramides

E G AEGH, HIKC aquales &

fimiles inter [, triangulares

babenses bafes, € fimiles

toti ABDC; ¢ in duo prif-

- ¥ Dumua aqualia BFGEIH,

FGDIHK ; gue duo pri{misa majora (unt dimi-
dio votins pyramidi ABDC.,

Larera pyramidis bifecentur in puntis E, F,
G, H, I,K ; junganturque re@z EF,FG, GE,
ELIF, EK,KG, GH, HE, Quoniam Jatera

o : pria:

]
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assé,

b39.1.
c26. 1,

LEUVCLIDLID Eicmentorkum

gramidis proportionaliter fe&a funt, 2 erunt
I,AB; & GF, AB; & IF, DC; atque HG,
DC, &c. parallelz ; proinde & HI, FG, & GH,
FI parallele funt. liquer igitur triangula ABD,
AEG, EBF, FDG, HIK b zquiangulaeffe ; &

uatuor ultima ¢ 2quari.codem modo triangula

" ACB,AHE,EIB, HIC, FGK zquiangula funt;

d1g, 11,

& quatuor poftrema inter fe zqualia. Similiter

" triangula BFI, FDK, IKC, EGH ; & denuo

triangula AHG,GDK,HKC, EFI, fimilia func
& zqualia.Quinetiam rtriang, HIK ad ADB,&
EGH ad BDC, & EFI ad ADC, &FGKad
ABCdparallelafunt. Ex qoibus perfpicue fe-
quitur ptimo,pyramides AEGH,HIKC zquales

e 10,def,11 effe ; totique ABDC, & inter fee fimiles.deinde

f2.e0. 17
§ 49,11,

folida BEGEIH, FGDIHK prifmata effe, &
quidem 2que alta, nempe fita inter parallela
plana ABD,HIK.verum bafis BEGE bafis FDG
fduplex eft.g quare difta prifmata zqualia funt,
quorum alterum BEGEIH pyramide BEFI, hoc
eft, AEGH majuseft, totum fua parte ; proinde
duo prifmata majora funt duabus pyramidibus,
totiulque adeo pyramidis ABDC dimidium ex.
cedunt, Q. B. D, -

vy
10
v
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PROP, IV.

8i fuerint dua pyramides ABCD, EFGH ejuf-
dem alvitudingy, triangulares habemres bafes ABC,
. BFG ; fit aytem illavam utraque divifs ¢ in duss
prramides (ALLM,MNOD; & EPRS, STVH)
aquales inter fe,¢5° fimiles tosfy €9 in duoprifmara
egualia (IBKLMN, KLCNMO ; & PFQRST,
QRGTSV;)dc codem modo divifa fit usraque py~
vamidum, qua ex [uperiore divifione vata funs, id-
que {emper fias; erit ws unixa pyramidis bafis ad al-
torixs pyramidis bafim, ita ¢’ emmia, que inung -
Prramide, prijmeta ad omnis, quais aliera pyras
mide prifmase, mulsitudine equalia,
Nam (adhibendo confiru@ionem praceden.
tis) BC.KC 4:: FG. QG. bergo t_rianf. ABC 3 14.¢.
eftadfimile rriang, LKC, ut EFG ad¢ fimile p a2, 4
:RQG, ergo permutando ABC. EFG d:: LKC. ¢ 2,6, &c.
RQGe:: Prifm. KLCNMO. QRGTSV (nam d 16, g,
hzczquealta funt) f:: IBKLMN. PFQRST, ¢ (3411
g quare triang, ABC. EFG :: Prifm KLCNMO ¢4 ¢ =~
-6 IBKLMN, Prifm; QRGTSV +PFQRST,. g5,
.E.D, .
Sia ulterius fimili paBo dividantur pyrami-
desMNOD, AILM ; & EPRS, STVH, erunt
quatuor nova prifmata hic effeda ad. Lty
1taic
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EUCLIDIS Elementorums
ifthic produ@a,uc bales MNO & AIL ad bafes
STV &EPR, hoc eft ut LKC ad RQG, velut
ABC ad BFG. b quare omnia prifmata pyramis
dis ABCD ad omnia ipius EFGH ita fe ha-
bent, ut balis ABC ad bafim EFG. Q8,D, -

PROP V.

Sub eadem alsisudine exiftentes. pyram
ABCD,EFGH, sriangulares babentes bafes ABC,
EFG, inser fefums ut bafes ABC, EFG.

Sittriang, ABC, EFG:: ABCD. X, Dico
X —opyr. EFGH. Nam, fi poffibile eft, fic
X—EFGH ; fitque Y exceffus, Dividatur py«
ramis EFGH in prifmata & pyramides, &reli.

uz pyramides fimiliter, ¢ donec réli&z pyrami<
EPRS, $TVH minores evadant folido Y.
Quum igitur, pyr. BEGH—=X Y ; liquet
Iiiua prifmara PFQRST, QRGTSV {oli-
majora effe. Pyramidem ABCD fimili-
ter divifam coneipe ; b eritque prifm. IBKLMN
-+ KLCNMO, PFQRST + QRGTSV ::
ABC, EFG. ¢ ::pyr. ABCD, X, d ergo X
prilm.PFQRST+QRGTSV ; quod repuguat
prius affirmatis,

Rurfus, dic X =~ pyr. EFGH. pone pyr.
EFGH. Y :: X. pyr. ABCD e:: EFG. ABC.
quia EFGH f-a X, g erit Y <apyr. ABCD,
quod fierl nequit,ex jam di&is.Concludo igitur,
quod X=pyr, BFGH, Q.E. D,

’ EROP,
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Sub eadem altitudine exiffentes pyramides
ABCDEF, GHIKLM, ¢ polygonas habenses
bafes ABCDE, GHIKL, inter {e fums ut bafes
ABCDE, GHIKL.
Ducre@as AC,AD, GI, GK. EftballABC.
ACD 4 :: pyr, ABCF. ACDE.b ergo compofite 2 g, 12,
ABCD. ACD:t pyr. ABCDF. ACDF. satquib 18, g,
etiam ACD. ADE :: pyr. ACDF. ADEF.¢ er-
o ex zquali ABCD, ADE :: ABCDF,ADEF, ,
ergo componendo ABCDE. ADE ::pyr, ¢ 23, §.
ABCDEE. ADEF. porro ADE, GKLd ::pyr. d 5. 13,
ADEF. GKLM ; ac, utprius, atqueinverfe
GKL. GHIKL:: pyr. GKLM. GHIXLM.cergo
iterum ex zqualibus, ABCDE. GHIKL :: pyr,
ABCDEF. GHIKLM. Q,E. D.
Si bafes non babent

Iatera zque multa,
demonftratio fic pro-
-ceder, Baf, ABC.

B E GHI ¢ :: pyr. ABCF.
'A‘y GHI K.Hc atque: s 12.
ACD. GHI::pyr, f24. 8¢
€ DH  TACDf GHIKfer-
goball ABCD. GHI :: pyr. ABCDF. GHIK,
€ Quinetiam baf, ADE. GHI :: pyr. ADEF.
GHIK. f ergo baf, ABCDE. GHI::pyr.
ABCDEF, GHIK.
PROP,
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EUCLIDIS Elementorum

P ROP, VII
T  Omneprifms ABCDFE

A triangularem babens bafim,
F B Jividitur in tres pyramides
ACBF, ACDF, CDFE

aquales inter f¢, trianguls-

B C
rcs bafes babentes.

Ducantur  parallelogrammorum  diametri
AC, CF,FD.Triang. ACBa—ACD bergoz-
que altz pyramides ACBF, ACDF zquantur,
¢odem modo pyr. DEAC —pyr. DFEC, at-
qui ACDF, & DFAC una eademque (unt py-
ramls, cergo tres pyramides ACBF, ACDF;
DFEC, inquasdivifum eft prifma, inter fe -

~ qualesfunt. Q,E.D,

coroll,

G Hine, quzlibet pyramis
tertia eft pars prifmatis e~
B andem cum illa habentis &
X\ bifim & altitudinem : five,
prifma quodlibex triplum eft
pyramidis eandem cum ipfo
habentis bafim & akitudis
B nem,
Nam refolve prifma pos
B lygonum ABCDEGHIKFE
in trigona piifmata, & pyramidem ABCDEH
in trigonas pyramides, 4 Erunt {ingule partes
prifmatis triplz fingularum partium pyramidis,
b proinde totum prifma ABCDEGHIKEF totius
pyramidis ABCDEH triplum e}, QE.D,

PROP,
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similes pyramides ABCD, EFGH, queg trian-
gularcs babens bafes A3C,EFG.intripiicara funs
ratione bomologorum Laterum AC, EG.

a Perficiantue paizllelepipeda ABICDMKL, 2 37. 110
EFNGHQOP; quz b fimilia fant & pyrami. bo.def( i
dum ABCD,EFGH ¢ fextupla;d ideoque in ea. €28.11, &
dem cum ipfi: ratione ad te invicem,e boc eftin 7. 12,
triplicata homologorum laterum, Q. E.D, - d1s.5.

Coroll, €33. 11,

Hinc, etiam fimiles polygonz pyramides ras
tionem babent laterum homologorum triplica«
tam; ut facile probabitur refolvendo hasin trie
gonas pyramides, ‘

PROP. IX!
Vide Schema praced,

o4& qualium pyramidum ABCD, EFGH, &
triangulares bafes ABC,EF G habentium, recipro-
cantur bafes ¢ altitudiness ¢ quarum pyramidum
griangulares bafes babensium veciprocantur bafes
7’ alsitudines, illa funt aquales,

1. Hyp.Perfe&ta parallelepipeda ABICDMKL;
EFN GH QOP zqualium pyramidum
ABCD, EFGH (utrumque utrivfque) 4 fextu- 2 28.11,&
pla funt,ac zqualia ideo inter fe, ergoalr, (Hl.) 712

. ale,

N
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EUCLIDIS Elementorum
b34.11) ale (D)b:: ABIC. EFNG¢:: ABC. EFG.

Q_E. D.

2. Hyp.Alt.(H. ) ale, (D) d:: ABC.EFGe::

ABIC. EFNG. Aergo parallelepipeda ABIC-

DMKL, EENG

QOP zquantur ; g proinde

£6. ax. 1. & pyramides ABCD, EFGH, horym fubfextu-

acor.r.bu-
jm@ f‘b.
40,12,
by.1s

ple, paresfunr. Q. E.D.

Eadem polygonis pyramidibus conveniunt ; nam

ba ad trigenas reduci poffunt.

Corell,

Quadepyremidibm demonfirata funt Prop, 6,
8,9.ctiam conveniums quibufcungue prifmasis, cum
bac sripla fint pyramidum candem bafim ¢ alsisus
dinem babentium. itaque 1. Prifmatum zque al-
torum eadem cit proportio, qua bafium.

3. Similium prifmatum proportio triplicata
eft proportionis laterum homologorum.

3. Equalia prifmata reciprocant bafes & al=
titudines 5 & qua reciprocant, funt 2quales,

Schol.

Ex ha&enus demonfirads elicitur dimenfio
quorumcunque prifmatum & pyramidum,

4 Prifmatis folidicas producitur ex altitudine
inbafim du@a ; b itaque & pyramidis ex tertia

altitudinis parte du@a in bafin,
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PROP X

L. A

b

Omnj; coumtersia pars eft cylindri babentis ean
dem cumipfo bafin ABCD, o altitudinem agua~
lem, :

Stnegas, primo Cylindrus triplum conl ful g4, fig. 2)
peret exceflu E,Prifma fuper quadratum circulo pyig.
ABCD infcriptum 4 fubduplum eft prifmarisfu- 5 fcb.7. &
per quadratum eidem circulo circumferiptum g ' cony 9,
fibi & cylindro 2que alti.ergo prifma fuper qua~ 5,
dratvm ABCD (uperat cylindri fomiflem, co-

~ dem modo prifma fuper bafim AFBcylindro 2-

que altum fegmenti cylindsici AFB b dimidio feh. 2.3
majus eft. Continuetur bife&tio arcuum, & de- & cop, g,
trabantyr prifmara, donec fegmenta cylindrire- |,

li@a, nempe ad AF, FB, &c. minora evadant

_ folido E Iraque cylind, — fegment, AF, FB, &v.

(pritma ad bafim AFBGCHDI) ¢ majuselt ¢ ¢ gy, 35
quam eylind. — B (4 eriplum coni’) ergo py- a ppp,
ramis dii prifmatis ¢ pars vertia (ad eandem ¢ o4y .13,
bafim fira, ejufdemque alejrudiniy) cono aque
alto ad bavm A BCD circulum major eft, pars
toto, Q.E. A, )

Sin conus tertia parte cylindri major djcarur,
ficicddem exceflus E. Ex cono detrahe pyrami-
des,ut in priori parte prifmara ex cylindr >, do-
nec reftent coai {egment:, aliqua, puta a 1;1:,

’
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" fitque exceflus O, Suppofita pszparatone

ETCLEDLS LLTHCBOTRIE
FB, BG, &c. minora folido E. ergo conw—B

(f§ cylindr. ) =3 pye. AFBGCHDI (con.— '

fegment. AF, FB, &c. ) ergo prifma pyramidis

triplum (Zque altum feilicet atque ad eandem

bafim) cylindroad bafim ABCD majusch,

parstoto. Q.B.A, Quare flt:;:i%m l;ﬁ, quod
lindrus triplo cono 2quatur. . D.

i d PROP. XI

Subeadem alsisading cxiffentes cylindri, @ oo
ABCDK,EFGHM, inter fe funs us bafes ABCD,
EFGH. )

Sit cire. ABCD.circ. EFGH :: coh. ABCDK.
N. Dico N—con, BFGHM,

Nam £ fieri poteft, fic N —icon, EFGHM,
&
£

argumentatione przcedentis; erit O majus fe
mentis conjcis EP, PF, FQ, &¢. ideoque foli-

230.3. ¢ dum N-2pyr. EPFQGRHSM. «Fiatioa cir.

1. pofl.
b6 12,

culo ABCD fimile polygonum ATBVCXDY.
Quia pyr. ABVYK. pyr. EFQSM b:: polyg.

€ cor.2.12. ATBVY, polyg. EPEQS ¢ ::circ. ABCD. cire,

d byp.
€145,

EFGH d :: con. ABCDK. N, ¢ eritpyram.
EPFQGRHSM —a N. contra modo diita,

Rurfusdic N c- con. EFGHM. pone com

EFGHM. O=N. con. ABCDK f: cire,
EFGH, ABCD, g ergo O 2 con, ABCDK‘,‘
_ ’ . que
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* quod abfurdum eft, ex oftenfis in priori parte. £ byp.¢2*
¥ [taque potius dic, A B C D, EFGH :: con, invertends.
t ABCDK. EFGHM. Q,E.D. g14.5.
¢ Idem demonftrabitur de cylindris, fi conoa
? um & pyramidum Joco concipiantur cylindri
* &prifmara. ergo, &c. )
S§CHOL.
Ex bk bebetar dimenfio cylindrovum ¢ somorum
gummeungne. Cylindri re@z foliditas produci- .
. urex bafe circulari (4 pro cujus dimenfione 2X. Prop.
; confulenduseft Archimedes) dula in altitudi-d¢ dinewf,

wem. b igitur & cujufcunque cylindri. cire.
. «ltaque coni foliditas producitur ex tertia b 1. 13)
© pacte aleitudinis duia in bafim, €10, 13
PROP XIL
A K
T
Y p
d B L
)

;
. Similes coni ¢ cylindri ABCDK, EFGHM
¢ Miviplicasa rasione lgm diamesrorum TX, PR,
 fuainbafibse ABCD, BFGH.
. Habeatconus A ad aliquod N rationem tris
} plicatam TX ad PR. dico N—con. EFGHM
y Nam fi fleri porelt, it N-3IEFGHM;
: fitque exceffus O, ergo ut in Prioribus, N2
s pyr. EPFQGRHSM. Sint axes tonorum 1K
LM, adducanturque re@2 VK, CK, VI, Cl;
, 8QM, GM, QL, GL. Quoniam coni fimiles a 24.def.11
 fune, 4 eft VI, 1K 32 QL L M. anguli vero b18 def.2t-
 VIK, QLM bre&ifunt. ¢ ergo trigona VIK, ¢6, 6,
; RN QLM
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d4.6. QLM=zquiangula funt; dunde VC,VI:: QG
QL. jtem VL. VK :: QL. QM. ergo ex =-
e7.5. quaii VC. VK :: QG, QM. equinetiam VK,
CK := CM. MG, ergo rurfus ex 2quo V C,
fg.6. CK.: QG. GM. fergo triangula VKC,

MG fimilia fuat; fimilique argumento reliqua

g9 defar, bujus pynmidh triangula reliquis illtus, £ quare
h cor.8.1 2, pyramides ipfx fimiles funt, b funt vero bz in
k4.6, rtriplicataratione VC ad QG, khoceft VIad
1rg.s. QL lvel TXad PR, mergo pyr. ATBV C.
m byp. ¢ XDYK. pyr, EPFQGRHSM:: con, ABCDK.
11.’s, N, n unde pyr. EPFQGRHSM 3 N; quo

ni4.§, repugnat prius dictis. . :

- Rurfus, dicN. c-con, EFG HM. fitcan.
oPrim ¢ EFGHIM. O :: N. con. ABCDK o :: pyr.
inverfe., EPRM, ATCK p:: GQ VC ter::gP R,
peor.8.12, TXter. esgo O r 71 ABC DK, quod modo
q4.6.  repugnare oftenfum eft, Proinde N —con.
riq.5, EFGHM. QE.D. ‘

Quonjam vero quam proportionem habent
coni, eandem quoque obtinent cylindr, eotum
tripli, habebit quoque cylindrus ad cylindrum
proportionem diametros{iin bafibuseriplicat,

PROP XIIL

- — 8i cylindrss ABCD plano

. @ EF fecesur adverfis planks BC,
_ : AD parallelo 3 erit ut cy-
A @D lindrms ABFD ad cylindrum

EBCF, its axk Gl ad ax-
E@F em 1H, ‘ '

a3 1. Produfo axe , 2 fume
¢ GK=G1, & HL—=IH
B@ =L M & concipe per
cpur@a K, L, M, plana du-

o @ ]ti cir;',uli: AD, BC paral.
bug, e - ¢la. b ergo cylind ED—
I'_ »-,,M'tﬁ cyl. AN. & cylin, EC b—

' . BO.b=—OP, itaque cylin-

’ drus

SN e ol Vo

o &y =
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drus EN cylindti ED 2que multiplex eft,ac ’
axis [K axis 1G. pariterque cylindrus FP 2que i
multiplex eft cylindri B F, ac axis IM axis [H. ‘

routvero IK —, =, =2 IM, ¢ ficcylindr, § 1. 12-
N—, —, = EP. d ergo cyl. AEED, cyl, 46.4er. 5,
EBCE:GIIH. QE.D. -

PROP X1V,

saper aqualibus bafibu
-A B, CD-exiftenies coni
AEB, CED, & ¢lindri

! K AH,CK,imtor f¢ funs us al-
‘ ‘ situdines ME, NE, . ~
c Produtis cylindro HA
o § X >[ & axe EM, fume ML —

FN ; & per pun&am L ducatur planum bufi
AB parallelum, derit cyl. AP—=CK. b atqui 211,12,
cylind. AH,AP. (CK) :: ME. ML. (NF.) b13.13,
Q. E.D. Idem de conis cyiindrorum. fubgri-
plis diGum puta, * imo de prilmatis & pyra. * Adbibe

midibus. : | Y
P R Q ‘P. N x Y. el
N 5 oEqualium  condrum o
» I BAC, EDF, ¢ glindro- -

ﬂ.‘) e rum BH, EX, reciprocantur

e ANy \
y bafes ¢ alsitadines (B C.
ﬂk EF:: MD, LA:) ¢
P \
¢ “abtisudines , iRi fume
equales.

quorum conorum, (& cylin-
’b.
Si altitudines pares fint, etiam bafes pares

drorum reciprocamur bafes

‘] erunt; &resclara et, Siualtitudines fintim- 2 14. 12)
|| pares, aufer MO—LA,

. " beonftr.
x. Hyp. Eltque MD, MQ (aLA) b:: cyl. cbyp.

" EK(¢ BH.) EQd:icire. BC.EF, QE.D dut. 13,
v

3 2, Hyp-
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ebyp. 3, Hyp- BC.EF ¢:: DM, OM (LA) f 32
fi4.12) Cyl.BX.EQg::BC.BFb::BH.EQ. kErge
11, " q ind. EK:BH. Qf B' Do
1L 12  Simili argumento utere de conis.
ko, 5. ‘
PROP XVIL

Duobse circulie
ABCG, DEF c¢irca

idem cemtyum M exi-

B
H!
flensibm.in majori cir- |
N A ‘ cule ABCG polygo- |
J

Caum aquilaserum, <ot

parium lmserum inferi- |
bers, guod mom sane |

K gat minorem circulum
LR Y%

~ Per centrum M extendatur re&2 AC fecans

circulump DEF inE. ex quo erige perpendicala.

: remFH. 4 Bifecafemicirculum ABC,cjufque
by.10; femiflem BC, atqueita continuo, & donec ar-
cus kC minor evadat arcu H C, ab I demitce
perpendicularem IL. Liquet arcum IC totum
circulum metiri, numerumque arcuum effe pa-
€ feh16.42 TS adeoque fubtenfam LC latus effe ¢ polygo-
“ ni dnfcripeibilis, quod circulum D EF minime
deor.16.3.
e18 1, ecul parallelaeft IK, extraqueita, fqoare IK
£34 dcf 5, circulum non tangic, multoque magis CI, CK,
=TT & teliqua polygoui latera, longius dceatro di-
ftantia, circulum DEF eon eangunt. Q. E.F,

Coroll. Nota, quod IK noatangit circulum |

DEF,

PROP.

%

continget, Nam HG 4 tangir circulum DBF :I

b
W
L
)
¥
L3
A
I
u
{
vl
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PROP, XVIL

R
6.,
i :
i P
‘f A
| €
!
3
LN\
s L
; M v

Duabm fphards ABCV,EFGH circaidem cen-

| trum D exiftensibm, in majori [pbara ABCV fo-

¢| Sidum polyedrum inferibere, l?ol Bom tangas fuper-

2t ficiem minork [pbera EFGH. ~

4l - Secenturamba {phaera plano per centrum fa<

| dente circulos EFGH, ABCV. ducanturque

;[ diamewi AC, BV fecantes perpendiculariter.

3l Cizculo ABCV ginfcribatur polygonum 2qui- a 16, 11,

' Jaterum VMLNC, &c, circulum E FG H mi. )

nimetangens. du&a diamewro Ng, ereQaque

DO re&aad planum ABC. per DO, perque

diametros A C, Na erigi concipiantur plana -

DOC, DON, quzad circulum ABCV bre&ta b18. 31!

i eruntyideoquein gupe:ﬁ:l:ie fpherz ¢ qqg,dra;;s coor33.8,
Y4 el
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d 4 1. efficient DOC, DON. ig quibus d aprentur
re@z CP, PQ, QR,RO,NS, ST, Ty, »O
ipfis CN,NL, &c pares, & zque multz. [nre-
liquis quadrantibus OL, OM, &e¢, inquetota
fphara eadem conftru@io fiar, Dicefattum.

A pun&lis',S ad planum AB CV demitte
€38.11. perpendiculares PX, 3Y,¢ quz in fe&iones AC,
fiz.4x. Ng cadent, Quoniam igitur ram fanguli re&ti
g37.3. PXC, SYN, gquam PCX,SNY, bzqualibus

peripheriis iufiftente’, f pares func, wiangula
b33 1, PCX,SNY b aquiargula fuor. Cum igiur PG

bconﬂr. k:—_SN, Letiam PX =38Y, 1 & XC—=YN 3

126, 1. mquare DX=—DY. n ergo DX. XC :: DY.

m j.4x. 1, YN. oergoparalicla funt YX; NC. quia vero

n7.5. PX,SY pares, & cum eidem plano ABCV re.

02.6. &», ctiam p parallele funt, gerunt Y X |

p6.11.  SP etiam pares& paraliciz. rergo SP, NC

q33.1. inter fe parallele funt, ergo [ quadrilaterum
ro.1t.  NGPS, eademyqueratione P QT, TQRG,
f7.11,  fed & ¢triangulum 9RO totidem funt plana.

12, 11, ™ Eodem modo tota fph&:a ejulmodi quadrilace-
sis & eriangulis repleca oftendetur, quareinfcri-
prum eft polyedrum,

It 1t. A centro D u duc DZ reGum plano NCPS;

_ &‘uwge ZN, ZC, z5, ZP. Quosiam DN,
x4.6. NCx::DY. YX; et NCyc YX (5P;) pa-

y 14.5.  titerque SPTQ, & 1Q - yR. Er quia

2z 3.def.t1, anguli DZC, DZN,DZS,DZP, ¢ refifunt,

a t5.def.1.Jarera vero DG, DN, DS, DP ¢ aqualia, &

b4y 1. D2Zcommmne, berunt ZC, ZN, ZS, ZP =-

c 15.d:f.1, quales inter fe; proinde cirea quadrilaterum

donfir. NCPS ¢ deferibi poteft circulus, inquo ( b

e18 3, NS, NC, CP 4 zquales, 8 NCt=>P) NC

f33.6. e plufquam dquadrantem fubteadst. fergo.ang,
g12. 2. NZCadcentrum obtyfus elt. ¢ ergo NCqom
h32 1. 22Cq (2ZCq+2ZNq.) Sit NI ad AC nor=

k. ¢x, 1, mali~. ergo cum ang. ADN (b DNC~+

bs 1. DCN) fick obtufuy,{ erit femiffis sjus D CN

C S . - reli

o = e o

5y
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te&i femiffe major ; proptereaque eo minor eft
reliquus érello ang, CNI. 8 unde INCIC.n 13,1,
ergo NCq (NIg-+ICq) ¢ =32 INq. iaque 0 47.1,
INc ZC, & confequenter DZ p— DI awquip 47.1,
pun&um I eit g extra fphzram E FG H. ergo q¢or, 16,
pun&um Z poriori jure eft extra ipfam, adeoque 12,
planum NCPS (cujus r proximum centro pun~ r 47. 1.
Gum eft Z) fphzram EFGH non contingit. Bt \
fi ad planem SPQT demittatur perpendicularis

D &, pun&um &, adecoque & planum SPQT

adbuc ulterius 2.centro elongatur; idemque eft

de reliquis polyedri planis. ergo polyedrum
ORQPCN, &c. majori fpbzra inlcripium,mi-

norem non contingit. Q. E.F,

corell,

Hinc fequitur, Siin quavis alia [pheradeferl-
basur [olidum polycdrum, fimile pradidle folide pe-

Iyedro, proporsionem polyedriin uns [pbars ad po-
Iyedrumin alsera effe triplicasam cjm quam ba-
bens [phararum diamesrl.

Nam fi ex centris {pheerarum ad omnes angu~
losbafium diorum polyedrorum rez lincz
ducantur, diftribuentur polyedra in pyramides
numero zquales & fimiles, quarum homouloga
Jatera funt femidiametii fphararum; ue conttat,
£ intelligatur barum fphzrarum minor intra
majorem circa idem centrum defcripta, congru
ent enim fibi mutuo linez re®z du&tz i centro
fohare ad bafium angulos,ob fimilitudinem ba-
fium,ac propterea pyramides efficientur fimiles,

Quare cum fingulz pyramides in una fpharaad

fingulas pyramides illis fimiles in altera fphara '

4 babeant proportionem :riplicatam Jaterii ho- a ¢or.8.12.
mologorum, boc eft, femidiametrorum fphzra-

rum ; fint autem b ur una pyramis 3d unaw py- b 12. 5,
ramidem,ita omnes pyramides, boc eit, folidam

polyedrum ex bis compofitum, ad cmaes pyra-

. mudes,
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c145. 8. .

EUCLIDIS Elementorum

mides,id eft, ad folidum polyedrum ex illis con=
fliturum ;  babebjr quogue polyedsum unjus
fphzrx ad polyedrum alterius fpbzrz proporti-
onem triplicaram {emidiametrorum , ¢ atque
adeo diamerrorum,

PROP. XVIIIL

N\

219, 12,

Sphera BAC, EDF (untin triplicase rasione
fuarum diametrorum BCEF.,

Sit {pbzra BAC ad fpheram G in triplicata
ratione diametri BC ad diametrum EF.  Dico
G—EDF. Nam fifieri poreft, it GEDF.
& cogita {pheram Geoncentricam effe ipiEDF.
Spharz EDF ¢ polyedrum fpheram G non tan-

beor.17.12 gens, fphzrezque BAC fimile polyedrum infcri-

chyp.
d 14' ,n

ehyp. in-
verf.
fi4.5.

batur. b Hac polyedra funt in uiplicata ratione
diametrorum BC, EF,cideft, fphzrz BAC'
ad G, dProindefphzra G major eft polyedro
fphxzrz EDF infcripro,pars tato.

Rurfus, fi fierl poteft, fit fphxera G-EDF,
Sitque ut fphzra EDF ad aliam fpheram H, ita
GadBAC, chocett in triplicata ratione dia-
metri EFad BC ; cum igitur BAC f — H, in-
currimus abfurditatem prioris partis. Quin
potius fphara G—EDF. Q. E.D.

CoroRl.
Hinc, ut [phzra ad fphzram, ita eft polye-

drum inilla defcriptum ad polyedrum fimile in
hac deferiptum,

L IB.

XERESE
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L 1B. XIIL
PROP I

sl redalincaz fecundum extremam &
mediam rasionem [ecesur(z.a::a.¢5)
majus fegmentum a affumcns dimi-
dium tosimsz,quinsuplum poseft ej s,
gquod 2 dimidia totim z deferibisur,
quadrasi, .

o /’zl Dico Q3+ ‘
2 AR z=s Q 3z 4343

boceft aa —+ & zz —+ za-— zz—+ 2z. bvel aa—+b3.ax. I
ra—zz. Nam ze+z3¢—z2z &zed=—aa ¢ 2
¢ ergo aa+za—zz, Q.E.D. 2‘11’& 16

PROP, IL  enax &

Sivelatinea L2+ (ul ipfim fogmemi £z 4%
g nimtuplum poffit, duple prediiti fegmenti (2}
extreme ac media ratione el majus fcgmensum
eft a,reliqua pars cjm qua 3 principio relta  z+a,
Dicoz.a::a. e. Namquizperhyp, #2a+* 4. 2
t2z+7a—722+} 72; velaavza—224—232. 2.
ze-+7a, b erit aa——1zs, e quare z, a:ia,0, D3 ax L.
Q- Ec D. Co. ¢ I7 6.

PROP IIL

Sirella lineaz (pmm- extreman ac mediam
rasionem feccrur (Z.a3:a, ;) minm fegmensum
c affumens dimidium majork fezmentia, quintu-
ylu;imﬁ cjm,quod 3 dimidia majork [egmensia
defcribitur, quadrati. :
- DicoQ.e+3a=—a4,2
- zZ §Q 3 2. abocef ecb 3. ax.
iy A i +1 aa+ea—aa+c3.2"
A A & i:a.bvelee-c-ca::d;]ﬁ.&
2, Namee-rea c=zed=aa, QE.D. 17,6,
- -— . __5 .
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4.1,

b3.2
ci7. 6.
da. ex,

abyp.

a3.1,
b1.13,
c6, 19,
dbyp.

EUCLIDIS Elementorum

PROP IV.

Siveftalines 2 (ecundum extremam ac medism
vasionem fecerur (z at:a.c3) qued dtota z
quodque & minori fegmenso c,usraque fimul quadra.
sasriple funs cjus,quod 3 majori fegmenso a defri~

. bisur, quadrasi,

Dicozz wce— 3

z : aa.avel aa+ee+22e

A ‘u'E —+ec=—3 a3, Nam ae

3 weeb—1722¢—aa.
dergoaa~+2ae+2ee—3aa, Q E.D.

PROP Vv,

D A C B sireits lina AB -~

} 1 fecundum  extremam

@’ mediam rationem

Jeceturin C, appomaturque eé AD pqualis majori

fegmento AC 3 sosa reila linea DB ﬂcunduu ex-

sremam ac medism vasionem fecatur, (2 majue fe-.
gmentum eft qua & principio rela linea AB.

Nam quia AB.AD ¢ :: AC, CB, iavertendo-
que AD. AB:: CB.AC; erit compouendo DB.
AB:: AB,AC.(AD.) Q E.D.

' Sehol.

Quod fifueric BD, BA :: BA, AD. erit BA.

" AD i AD. BA—~AD. Nam dividendo eft BD

~BA (AD) BA :; BA~AD. AD. ergo iaverfe,
BA.AD:AD. BA~AD, Q.E.D,

P R 0 'P. v Io
D A C B sircalines rationa
} ! I AB extrema ac medsa

: . rasione fecetar in C3
usrumgque [egmentoram (AC, CB) irrasionalis eft
linea, que vocatur apotome. ‘

Majori (egmento AC g4adde AD—14 AB
bergo DCq—s DAq. ¢ ergo DCq'0- DAq.
pronde cum AB, ¢ideoque ejus femiffis D A

e fehaz. 10 figr §, etiam DCeltf.  Quia veros. 1 ::non
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2_Q et DC . DA. gergoDC—-AD, id f 9. 10,
ctt AC eft apotome, Infuper quia ACqb2=AB g 74. 10,
x BC, & ABeft§, k ctiam BC eft apotome. h 19.6, -

Q.E.D, k 98, 10;

PROP, VIL

c D
8ipentagoni equilateri ABCDE tresanguli |
Jve gci deinceps EAB, ABC, BCD, fwe EAB,
BCD,CDE qui non deinceps fins,equales fuerint,
aquiangulum erit ipfum pentagenum ABCDE.
Paribus deinceps angulis fubrendantur re&te
BE, AC, BD,
‘Qu‘n'am larera EA AB,BC,CD,angulique
incluii & 2quantur, b erunt bafes BB, AC, BD, a byp,
cangulique AEB,ABE,BAC,BCA pares.dqua- bg. 1, -
re BF—=FA, & eproinde FC——FE. ergotrian~ c 4.&$. 1,
ula FCD, FED fibi mutuo zquilatcra funt; d 6., 1,
?unde ang. FCD—FED, gproinde ang. AED e 3. ax. 1.
=—BCD Eodem pa&o ang. CDE reliquis zqua- £ 8, 1, -
tur.quarepentagonnm zquian%u,lum et QE.D, g 2 ax.1.
Sin angull EAB,BCD, CDBE, quinondein-
ceps,{taruagtur parts, b erit ang. AEB—BDC, # 4. 1,
& BE—BD,kideoque ang. RED—BDE; ! totus k ¢, 1,
proinde ang. AED—CDE. ergo propter angu- {3, gx:
los A, B, D deinceps ®qualeur prius, perdago- :
num equiangulom erit. . E. D,

PROP.
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PR OP, VIIL
. Si pentagoni aquilaser?
4 & qulugfli A?S’C DE
B duos angules BCD, CDE,
qui deinceps int, (ubtendane
reflelince BD, CE; be
extrema ac media ratiome
, < femutwo [ccant, ¢5° majora
ipfarum [cgmenta B F, vel
EF agualia fumt pewtagon; lateri BG,
214 ¢ Circa'pentagonum ¢ Jefcribe circulum ABD,
b28.3, bArcusED—=BC, ¢ergo ang, FCD—FDC.
c3y 3, dergoang. BEC—1FCD.(FCD~+FDC.)
d32,7. Atqui arcus BAR b — 2 ED, proinde ang,
¢33.6., BCEe—=2FCD=—BFC. fquare BF= BC,
£6.1., Q.B.D. Porroquiauiangula BCD, FGCD
g17.3. gzquiangulafunt, berit BD. DC (BF): CD
he.6. (BE) FD, parlterque EC.EF:EF,FC,
PROP IX,

B 81 bexagoni lum BE, ¢
: decagon) AB, in codem cir-
_ b culo A B C deferiptorum
A componansur,tosa reitalinos
.. A— IC" AE extrema ac mediarasi-
. one fecarur ,(AE, BB :: BE.,
B AB) ¢ majus ejus fegmen-

b & _ tum eft bexagoni lasws BE.
e ™ Ducdiametrnm ABC, &junge reétas DB,
b’; - DE. Quoniam ang, BDC 4=4BDA,cfique
o ux 1 2"8 BDCb—2DBA (DAB~+DBA,) eric
a3 - DBA(bBDE+BED)¢=2BDAd=1BDE.
e l“ y, Proinde ang DBA,vel DAB e==ADE, Itaque
§ 4"“ " 7 trigona ADE, ADB zquiangula fune, fquare
g cor.15.4, AE, A:D: (¢BE) = AD, (BE.) AB, QECI;‘ 2
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coroll.

: Hinc, fi latus hexagon alicujus circuli fecetur
extrema ac media raviane; majus illivs fegmen. fcb, §, 13,
.|  eum erit latus decagoni ejufdem circuli,

PROP X,

1. A
' H

B3 D £oewr

y I
8iineirculo ABCE pentagonum aquilaterum
ABCDE defcribasur ; pemsagoni latm AB potef
€ bexagoni lssmEB, ¢ decagonilasss AH, 182183, &
| eodess circulo defcriptorum. 3.8x,
Duc diametrum AG.Bifeca arcum AH in K. b byp. ¢&*
-Etduc FK, FH, FB, BM, HM. 7. 4x.
Semicirc, AG—~arc. AG4—AG~AD.c33.6.
hoceft, arc. CG—=GD b —AH—HB, ergod 10, 3,
arc. BCG—2 BHK ; ¢ adeoque ang, BFG—z2e 1.4x. 1,
BFK. dfed ang. BFG=—2BAG. ¢ ergo ang.f33, 1.
BFK—BAG. Trigona ighur BFM, FABfz.g4.6.
quiangula font. ¢ quare AB. BF :: BE. BM.g 12.6,
bergo AB x BM—BFq. .Rurfus ang. AFKk—k 27. 3.
HFK ; & FA—FH; m quare AL—=LH, m&m4.1.
anguli FLA; FLH pares, acproindere&lifunt. n1y. 3.
ergoang. LHMm— LAMa-— HBA. Trigo 032. 1,
na ightur AHB,AMH gzquiangula funt, pqua- p 4.6:
) e

RN R P S ME R W TR

C
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q17.6.
ras,
2, ax.

ETDCLIDIS Elementorum

re AB. AH: AH.AM, ¢ ergo ABxAM —
AHq. Quum igitur ABqr—ABxBM—+ AB
x AM, feric ABq—BFq+AHq., Q. E, D.

Coll,

1. Hine, linea re@a (FK ) quz excentro
(F) aicom quempiam ( HA ). bitecar, stiam
reGam (HA) ill arcui fubreniam bifecat ad an-
gulos re&os, . .

2. Diawmeter circull (AG) ex angulo quovis
(A) pentagoni duQa bifecat & arcum (CD, )
quem latus pentagonl illi angulo oppofitum fub-
tendit, & latus iplum (CD) oppofitum idque ad
angulos re&os, ’

Schot,

Hic, uspromifimus, praxim trademus expeditam

)nbkmth 11,4 ‘

Problems.

D

., Tvenire latus penragoni&'rcils AD B inferi-
bendi. -

Duic'dimgmnm AB; cui pt'rpendicuhreg
C



(
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CD ex centro Cerige. Bifeca CBinE, Fae
EF—ED. erit DF pentagoni latus,

Nam BFxFC +ECq4— EFq b—EDq 6. 2,
¢—DCq-+ ECq. dergo BF xFC=DCq, vel b confir,
BCq.e quare BE.BC :: BC. FC. ergo quum BC ¢ 43. 1.
fir Jacus bexagoci, f eric FC latus decagont, d 3, 4x,
proinde DF b— 4/ DCq+FCqgeft latuspen- e 19, 64

1agoni, Q. E.F. fo.13/
K . : g 10,13/
PROP XL BLEVRR

Siin circuls ABCD
rasionalem babense dia.
metrum AG, pentagonum
E aquitaserum ABCD E
defcribatur 5 pemtagonj
latws AB irrationalis eff
VI limes, que vocatur minor,
Duc diametrum BFH,
D re@tafque AC,AH; &
* fac FL — 7 radii FH, ¥ 10.6.

& CM = ; CA.
Ob angulos AKF, AIC arc&os, & commu. acer, 10,
nem CAL, trigona AKF, ALC baquiangula 13.

. funt; cergo CL. FK+¢::CA.FTA (FB)d:: b3 1,

CM.FL. .ergo permutando FK, FL :: Cl. CM c4. 6.
d:: CD. CK (2 CM.) e componendo igitur CD d15. 5,
+CK. CK &KL, FL, fproinde Q: CD-+CK € 18. 5.
(g5 CKq.) CKq: KLq. F'Lq, .ergo KLqf22.6)
== 5 Blq. dtaque G BH (}) ponatur 8; erit FH g 1.13.
4; FLI.&Flq. 1. BLs. &BLq2¢. KLqs, &
quibus liquer BL, & KL efle §b T}, k ideoque h9. 10
BK effe Apotomen;cujus congruens KL com ve- k 74. 10,
ro BEq — KLq—120, § erit BL 'm0 4/ BLq— /9. 10.
KLq. * unde BK eritapotome quarta. Quo- *4 def.85,
niam igitur ABqm—HBxBK, n erit AB minor. 10.
. : m cor, 8.6,
&176.

X PROP Y
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PR OP. XII

A Siincirculo ABEC gri-
angulum equilsserum ABC
: defevibatur, trien;nli lasms
AB potentia triplumeft ejms
\ Iifm:d {\dD,. quaex D cemero
; circuli ducisur.
BRIF /€ Pronata diamerro ad
E,duc BE.Quoniam arcus
acor. 10, ko] BE 4=—EC, arcus BE fexta
13. aft pagscircumfessntiz. b ergo BE——DE. hinc
bcor.19.4. AEq¢—4 DEq(4 BEq) d — ABq + BEq (+
c4.3. .ADq.)eproinde ABQ—3ADq. QE, D,
dgy. 1. - Garold,
e3.ax.1, . 1. AEq ABq:4. 3, )
fcor.86., o ABq.AFq:iig.3. f Nam'ABq.AFq::
& a1.6. AEq Abq '
geor.15.4.. 3. DF=FE Nam triang, EBD g zquila3
heor, 3.3. le;.um eg 3 b & BF ad ED perpendicularis,b ergo
EF=FD, '
4, Hiog AF=DE~+DF—73 DF,

PROP, XIIL

. Pyramidem EGFI unﬂim‘cu, €’ dara fybara
- compleitis ¢ demonfirare quod [phare diam:eé-
A



- T T oT2
AB potentis fit [c[quislters laseri BF ipfm pyoas
midis EGFL, felgeis thaprtss

Circa AB defcribe femicirculum A D B!
afitque AC=1 CB. ex pun&lo C erige per- 219, 6,
pendicularem CD 3 & jupge AD, DB, Tum
radie HR=—=CD defcribe circulym HEF G .
euj binfcribe wriangujum 2zquilaterum EF G, beorIy.q)
ex Hgerige [H=—C A reGumplano EF G, ¢ 13.11,
preduc 1H ad K ; dita ut JK—AB, re&afque ds.1.
adjuage I B,IF,IG. eslt EFGI pyramis expetita,

Nam guia anguli ACD, IHE, IHF, 1HG .
¢ yeddi funt& CD,HE,HF, HG ¢ pares, ¢ arque § €Mfr- -
1H==AC ; ferunt AD, IE, IF, IG zquales in- | 47- £-
terfe, QuiaveroAC (3 CB.)CBg :: ACq.8®- %
CDq. eit ACq—=12Chgq. itaque ADq f=— )
ACq +CDqb=3 CDq—3 HEqk = EFq, 1 2-#x.
lergo AD, EF, LE, IF, IG pares funt, adeo- K 1% 13¢
que pyramis EFGI it zquilatera. Quod i pun-1 I #%.0¢
Gum Cluper H collocetur, & A C {uper HI,
refte AB,IK m congruent, utpate zquales.qua.
re femicirculus ADB axi AB vel IK circumdu- .
&us # eranfibit per punta, B, F, G, * adeoque ! '5"?'“

m$, ax.1]

ramis EFGL fpharz infcripta erit. Q E, F, *31.def.1X)
P‘,j@uet vero efle BAqQ.ADqe:: BA.ACQp‘g: 3.2 ;::;h':‘j

" Coriltarie,

1. ABq. HEq::9,2. Nam fi ABq pongtuf
9, erit ADq (EFq) 6. g proinde HEqerita,  q 13,15
2. S{ L centrum fueric, erit AB. LC ::6, 1.
Nam fi AB ponatur 6,erit AL 3. rideoque ACt confr;
4 ; quare LCerit 1, Hinc ; .
3. AB. HI::6. 4::3, 2, unde
4. ABq.Hlq:: 9, 4.
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PROP, XIV.
' L3 .
0daedrum KEE.
/

Hj & GDL conftituere,

@ dsie fphare

‘ ' compledti, qua ¢
B pyramidem; @ de-
’ monfirare ; quod
‘(pbera diameter

‘A \\/ QH posentia fis

-4 X dupla laters A'C

o ipfms Oltacdri,
i Circa AH defcribe femicirculum ACH, ex
centro B erige perpendicularem BC. duc AC,
ag6.1, HC. Super ED—AG afac quadratum BEGD,
. . . cujus diameui DF, EG [ecantesin centro L. ex
bra. 11, IductL — AB bre&am plano EFGD. produc
c3. 5 1L, doncc IK—1IL. ConnexisKE, KF,KG,
. KD, LE, LF, LG,LD} erit KEFGDL o8ae-

1 . drum quafitum. : -

: Nam AB,BH,FIIB, &c. zqualium quadra-
d4 1,  torum femidiametri 2quales funtinter fe.d qua.
' .. rersiangulorum re@angulorum LIE, LIF, FIE,
&c, bales LF, LE, FE &c, zquantur. proinde
oo uiangula LFE, LFG, LGD, LDE, KEF,
e 27.def.11 KF G, KGD, KDE ‘quilatera funt, catque
oftfedrum conftituunt, quod fphara cujus cen—
trum Lradjus T L, vel AB, inferibi poteft, (quo-
f conflr. niam A B, IL, IF, IR, &c. f zquales funt.)

.g47.5, QE.F. porroliquet AHq(LKq)g—=2ACq °

(:Lpq.) Q.E.D.
. " Corollaria, .

1. Hinc manifeflum eft,in O&aedrotres dia-
metros EG, FD, LK (¢ mutuo ad angulos reos
fecare ju centro (phzrz.

2. Item, tria plana EFGD, LEKG, LEKD
efle quadrata, fe mutdo ad angulos. retos [e-

cantia,
: 3. O&az
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3. OQaedrum dividitur in duas pyramfdes
fimiles & zquales EFGDL, & BFGDK,quarum
bafis communis eft quadratum EEGD.
4. Denique, bafes o@aedri oppoficz, inter fe 1§, IT.
parallelz funt.

PROP XV,

B Cubum B F.
GHIKLM con.
flisuere , @
[ohara comple-
iti,qua ¢ prio~
res figuras 5
demonfirare
quod [phare di-
ameter AB potemtia fis svipla Laseris EF ipfims cubl.
Super AB defcribe femicirculum ACB; &4
fac AB— 3 DA, ex D erige perpendicularem a2 10,6,
DC,& junge BC ac AC.Tum fuper EF—AC b
conftrue quadratum EFGH, cujusplanore@eb 46,1,
infiftant ELFK,HM,GL ipfi EF pares,quas con~
neée reQis IKKL,LM,IM_ Solidum BFGHIK-
LM cubus eft, ue fatis conftat ex conltru&ione, .
In quadratis oppolitis EF K1, HGLM duc
diametros EK,FI, HL,MG, per quas duia pla-
na EKLH, FIMG feinterfecent in re@a NO,
Hzc diametros cubi EL,FM,GI,HK ¢ bifecabit
in P, centro cubi. d ergo P centrumi erit {phara ¢ cor. 394
per pun&a cubi angularia tranfeuntis. Porro 11. _
BLge —BKq +KLge—3KLqg, fvel3dis.defrs
ACq. atqui ABq. ACqg ::BA.DAf::3. 1, &14, def.
gergoAB—EL, Quare cubom fecimus, &c. 11.
Q. E.F. _ e47.1.
' Corel, - » fconfir.
1. Hinec, bmnes diametri cubiinter fe zqua. g cor. 8.6,
les tunt, fefeque mutuo in centro fphare bife- b X4. 5.
cant.Eademque ratione re@z quaz quadratorum
oppofitorum centra conjungunt, bifecantur in
codem centro, -
c X3 3, Diaa
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k4y.1. 2. Diameter {phazra poteft latws tetraedri, & ai
113.13. cubi.nempe ABqg—¢ BCq+m ACq. w

. al
m 15, 134 PROP. XVL o
: .\:’IE

W

o

x

e

i

fix

i

3

tp

f

i,

:Q

R

s

A

i1y

R

: o
Foofeodrum ZGHIKFYV- B ‘:‘gl‘
XRST conflisucre, ¢ fpbara o
compleiti,qua ¢ anseditias fi- , : ""XL
garas ;. @ demonflrare, quod . 1
écofoedrilatus TG irvasionalis .
cft linca, que vecasnr wmi- ;':1
o, B - N
 Super A B dismetrum “’;
fphzrz defcribe femicir- | . %
a10,6, culum ADB; & afac AB v
7 =§sBC, ex C erige fQ
notamlem C D, & duc ‘\,
AD ac BD. Ad inter- )
vailum EF—BD defcri- | ‘1

be circilum EFKN G; A
s
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Beui inferibe pentagonum mquilaceruneFKEHG. b 11, 4.
Bifeca arcus FG, GH, &c, ac councie reflas

© FL, LG, &c. lateva nempe decageni. Taoacs.e-  13. 11,

e EQ, LK, M$, NT,OV,PX ipfi PF 2qua~
i:g, re&ai’quc ;)lam; FKNG.& corineéte RSST,
TV, VX, XR ; item FX, FR, GR, GS, HS,
HY,IT,IV,KV,KX. Denique produ&a EQ,

. fome QY—FL; & EZ—FL ; reQafque ducl

concipe ZG,ZH, 21, 2K, ZF ;ac YV,YX,¥R,
Y$,YT. Dicofaétum,

Nam ob EQ, LR, MS, N7,OV, PX 42 d conffr.
quales e & paraliclas, etiam qua illas jungunt, e &, 11,
EL, QR,EM, QS, EN, QT,EO, QV, EP,

QX fpares & parallelz funt. feem ideo LM £33, 1.
(vel ¥G,) RS, MN, ST, &c. zquales funt in-
ter {e. gergo planum per EL, EM, &, plano g 15. 11,

L oper Q 8, &c. zquidiftans, b & cisculus b x.def. 3.

QXRSTV écentro Q, ¢ircalo EPLMNO -
qualis eft; atque RSTV X eft pentage num 2qui-
laterum. Duciverointelle&is EF, 6G, EH, .
&c. ac QX, QR, QS, &c. quia FRqk =—FLqk47.1.
+ LRq, ivel FRqm—FGq, #ecruns ER, FG, | confir.
adeoquie omnes RS, FG,FR ,RG,G3,GH, &, m10.13.
#quales inter fe. Proinde 10 triangula RFX, nfch48.1;
REG, RGS, &c. xquilatera funt & zquakia, & I.4x.
Rurfusobang, XQY ereGum, erit XYgqp— 0607.14.11
QXq+ QYqq— VXqvel FGq. quare XY, P 47. 2.
VX bifque fimiliter YV, YT, Y5,YR,2G,ZH, q 1°. 13-
&c.zquantur:Ergo alia decem trigona conititu.
ta f[unt zquilatera, & zqualia, tam fibi mutuo,
quam decem prioribus; ac proinde faGum eft
Icofaedrum.

Porro, bile@aBEQin , duc re@as «F, oX,
2V 3 & propter QX r—QV, & communciatus r 15.def.1;
aQ,sngulofque EQX,EQV reQos; ferit aX—14, 1,
«V. fimilique argumento omnes, «X, «R, «$,
aeT, aV, ab, G, fl{, al, K zquantur.

X 4 Quo-
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t9, 13.
vz 13,
X4 2,

y47. 1.

z1%.5.
a122,6.

bis.5.

ccor, 8.6, X, dergo ZY—AB, Q.E.F.
dr1.ax. 1.

EUCLIDIS Elementorum

Quoniam autem Z Q. QEt:: QE. ZE, erie
Zaqu—§ Baqx—E\g (EFq) Eaqy —aFq.
ergo Zg — aF. pari paQo «F — Ya. crgo
fph2ra cujus centrum a,radius «F per 12 punéta
icofacdri angularia eranfibit, -

Denique, quia Za.<E :: 2Y.QE; ¢ideoque
Z4q.aEq: ZYq. Q? beritzZYq—+5 QEq,
vels BDq: atqui ABq. BDq¢:: AB, BC::y¥,

Itaque fi AB ponatur §, eerit EF—4/ ABx

e fch.12,10 BC. etiam 3 proinde FG pentagoni, idemque
f11, 13. Lcofaedri § lawue, feft minor. Q, E. D, .

a 3.t

corall.

1. Ex di&lsinfertur, fphzraz diametrum effe
potentia quintuplum femidiametri circuli quin
que latera icofaedri ambientis. .

2. [tem manifeftum eft, fphara diametrn
efle compofitam ex latere hexagoni, hoc eft, ex

- femidiametro, & duobus lateribus decagoni cir-

culi ambientis quinque latera icofaedri,
3. Conftat denique lateraicofaedri oppofita,
qualia funt RX, HI, efle parallela, Nam RX 4

b fch,26.3. parall, LP. b parall, HI.

'
'~
QO
g
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PROP XVIL

B M
R
Sk :
O
L \ <
C ',\’-\\}I \\-\\\n
N
F T B
G A

Dodecaedrum conflitucre, ¢ [pbara complelli,
qua & pradies figuras; (o’ demonfirare quod do-
decacdrilatme RS irrationalis cft linea,que vocatur
apetome, .

Sic AB cubns datz fpharz infcriptus, cujus
latera omnia bifecentur in pun@is E, H, F, G,
K, L, &c. re@&zque adjungantur KL, MH,
HG,EF. 4FacHL1Q::1Q QH; & fumej 30,6,
NO, NP paresipfilQ. Erige OR, PS reQas
plano DB, & QT plano AC, fintque OR, P$,
QT ipfis IQ, NO, NP zquales. Connexis DR,

. RS, SC,CT, DT, erit DRSCT pentagonum

Dodecaedri expetiti.Nam duc NV parall, OR,

& protralta NV ad occurfum cum cubi centro a 47, %,

X, conne&ereftas DS, DO, DP, CR, CP, b ¥. ax. 5]

HV, HT, RX, QuiaDOqs—DKq (6 KNQq) ¢ 4. 13.

+KOq ¢=3 ONq (3 ORq) d crit DRqd 47.1,
=4

—
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e4.2, =—4ORqe=0Pq, velRSq. ergp DR—RS.;
+ Simili argqumemo DR(,)&S, SC, CT, ;l'P p;.
fconffr. g, vesfunt, nia vero —g & parall, P
6. ;{’_ ? gerunt RS?B P, &b confec{uenf:‘r Ks,DC Pl
33.1. amparaliclzy b ergo hz cam fuis conjungenti-
g.1. bus DR, CS, VH in uno fum plane. quinetiam
kg1, quia HL le.‘: 1Q ( TQ. ) QH ki HN.
keonfir. NV;&tam TQ, HN, quam QH,NV g retiz
16.11, cidem plano, I adeoque & parallelz exiftunt,
m326; wmerit THYV re@a linea. a ergo Trapezium

1.& 2.1t DRSC, & triang. DTS in uno funt plano per”
? reQas 6C, Tvngxtcnfo. ergo DTCSR eft |

peatagonum,& quidem zquilaterum, ex antedi-
0¢.13. Qis. Poro, o quia PK. KN::KN. NP; &
p47.1. DSqp—DPq+PSq(PNQ)—pDKq -+ PKq
q1, ax. 2, +NPq, g erit DSq—DKq —+ 3 KNq=— 4 DKq
& 4.13. (4DHq) r =DCq. ergo DS=DC; underri-,
rs.2, osa DRS, DCT fibi mutuo zquilatera funt,
£8.1. ?ergo ang. DRS—=DTC ; & codem pa&o an&
»7.13 CSR—=DTC, ergo * pentagonam DT CS
etiam zquiangum cft.  Ad hzc, quia AX,DX,
v1s.13; CX, &ec. fune cubi femidiametri, s erit XN—
ur, ax. 1, IH,vel KN,» adeoque XV-—KP, ninde obangu-
x39.1. lemxreGQumRVX, g erit RXe—XVg+RVq
247.1, (NPqQ) —KPq+ NPqa —3KNgb—
a4.13. AXq,velDXq,&c. ergoRX,AX, DX & ea=
b 15.13, demratione XS, XT, AX zquales funt inter fe.
Ecfi eadem methodo, qua conftru&om cft pen-
tagonum DTCSR, fabricemur 12 fimilia pen-
tagona tangentia duodecim cubt Jaeera, eag)o-
decaedruay conflituent;ac per corum punQa an-
gularia wranfiens fphzra, cujus radivs AX, vel
RX, Dadzcaedrum comple@erur. Q E.F,
c confir, Denique, quia KN. NO ¢ 2 NO. OK, 4
di1s.5. et KL, OP:: OP. OK + PL. Trtaque fi.
‘e 15. 13. fphzra diameter AB ponatur §, eritKLe — o/
ffeh.13.30 ABq f etlam §. g arde OP,vel RS laros dode-
86,13, 3 caedii apotome ¢rie. Q'E. D,

Coroll,

£2 W L. £t R1-

m e e
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~ gonll,

1. Hinc,fi latus cubl fecetur extrema ac me-
dia ratione,majus fegmentum erit latus dodeca-
edri in eadem {phara defcripti.

2, Sirelixz linex felz extrewna ac media ras
tlone, minus fegmentam fit latus dodecaedd,
majus fegmentf erit latus cubi ejuldem fpbara,

3. Liquet etiam latus cubl zquale efle Hneas
re&a fahtendenti angulum pentagoni dodecae-
dri cadem fphazra comprehenfs. .

PROP XVIIE

G Lateraquing; fi-
gurarum exponere,
(9 inter fe compa-
rare,
$it AB diame-
ter fphzre, ac
2EB fe:icirculus.-’ 210, 1.
" |fitque AC a— 3 A
AI‘BI, & AD b—1 b10.6.
AB. Erige perpen-
) dicvlares CB, DF,
v "3\ \& BG—=AB. junge
JAF, AE, BE, BF,
A KDd 1 BCG, ex H demitte
perpendicularem HI, & fumpta CK—=CI, exK
erige perpendicularem KL, & conne@e AL,
Denique ¢ fac AF, AO :: AO, OF. _ €30.6.
Itaque 3, 24 :: AB. BD e:: ABq, BEq, latus d confir.
Tetraedrl & 2.1 ::4 AB, AC :: ABq. BEq, fla- e cor. 8. &
tus O&tsedri. C f14.13.7
Item 3,1d:: AB, AD ¢ :: ABq. AFq, g latus g 15. 13!
Hexaedri. : , hconfr.
Porro,quia AF; A Ob:AO. OF & ;\rg keor. 17,
R A 13,

IS
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14.5. AO latus Dodecaedri. denique BG (a2 BC,)
ma4¢, BCLIHLIC. mergoHl=—2 Sl a—KI. ergo
neonflr. HIqo—4 Clq.proinde CHq—p 5 Clq g ergo
04, 2. . ABq—j;Klq.ritaqueKI, ve: Hi,eft radius cir~
p47.1. culicircumfcribentis pentagonum icofaedri; &
q15.5. AK,velIB.reft latus decagoni eidem citculo in-
¥ ¢or.16.13 cripti.unde AL ferit latus pentagoni,s idemque
fio.13. Lcofaedri latus, ~ Ex quibus liquec BF, BE, AF
t16.13. ¢flej O, & AL, AO elfe p - ; arque BF
TBE;"& BEcAF; ac AFAO. Quia

ur.6, vero3 AFq— ABq u==§KLq, ac AFxAQ
X 4,42, 1, AFx OF, xidecogque AFx AO + AF% OF
yi.2, £ 3AFxOF, yhocet AFqr 32 AOq. se-
2176, it 3 ABq (5KLq) -6 AOq. proinde KL

a47.1, CAO; & fortius, AL~AO,

Jam vero ut hec latera numeris exprimamus,
fi AB ponatur 4/ 60, erit ex jam di&is ad calcu-
lum exa&tis, BE — 4/ 40.& BE— 4/ 30.& AF
—4/ 20 item AL=,/: 36 ~,/180 (nam
AK—=y/15—y/3. &KL (HI) = /12,)
:/eniquc AQ = 4/130—4/500 (4 2§ —

s.)

SCHOL.



' Liber XIII,
SCHOL.

Prater jam dictes figuras nulam dari poffe figu>
vam folidam vegularem (mempe quefiguris plani
ordinari ¢5° aqualibm consincatur) admodum per-
[picuum ¢ft. Nam ad anguli folidi conftitutionem

333

requiruntur ad mitnimum tres anguli plani; ¢ hi- 3 28. 11,

que omnes fimul 4 re@is minores effe debent.
b Atqui 6 anguli trigoni equilateri,4 quadrarici,

byid febol.

& 3 bexagonici, figillatim 4 refos exzquanty 32. 5.

quatuor vero peptagonici,3 heptagonici, 3 ofta~
gonici,&c.4 rectos excedunt.ergo folummodo ex
3, 4, vel § triangulis zquilaceris, ex 3 quadratis,
vel ; pentagonis, ¢ffi.i p.eeft angulus folidus,
Proinde, prarer quinque prdi€ta nulla exiftere
poffunt eorpora segularia. o

R

\ Ex‘ 2. Herigonio,

Proportiones [pbir;;@’ s figurarum regulariym
cidem inferiptarym. o

$it diameter fphase 2. Erunt

Perlpheria circulimajoris, 6 tff:ii
Superficies circuli majoris, 3 | 14159,
Supct’ﬁcics fphzra, 12 [:ffizz_”—‘ ,
Soliditas fphzrz, 4 [:3819.
- Latu: vetraeds}, 1 lgu_—99.

- =

Latus
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Superficiestetraedri, 4 [ 6188,
G

Soliditas tetraedrd, o- | 15132,
(5

Latushexaedri, 1 | 1547.
-

ettt

Supetficies hexaedri, 8.
Soliditas hexaedri, 1 | 5396.

LatusoQaedrl, 1 | 41421,
-

——

Superficies oRaedri, 6 | 9282,
——r

Soliditas o&aedri, 1 | 33333.
| SENERE
Latus dcdecaedrd, o | y1364.

et e

Superficies dodecaedrd, 30 | 51463,

[,

Soliditas dodecaedrd, 2 | 98516
[

- LatusIcofaedri, 1 ] os146. ~
B e

Superficies Icofacdri, 9 [ 57434

G e
Soliditas Icofaedri, 2 | 53615,
S -

e

Qued
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%M fex cbarea comficiantur zm‘nque figura

aguilgiere ¢ aguiangule fimiles bis que [ums in

{ubjels figura,componensur quingue figura [olide,
firite complicentur,

L IB.



24 1.

bg.1. '

c32. 1.

dbyp. &

e 20:3.
ty. ax.
g3 L.

x19.6.
bs, 2

( 356 )
LiB. XIV,

Hrex D-centro
‘eivcidli “cujuf-
L% piam ABC in
pemsagoni ei-
dem  civeulo
inferiptl latws B C ducitar
- [ perpendicutary D, dimidie
/' eft wrinfque lince fimul, o
taterys bexagoni DE, €4~

oS
XY A

A

calo ABC inferipti, - o
Sume FG—FE, & duc CG, 4 Efique CE
=CG. ergeang, CGBb— CRGb—ECD.
ergoang. ECG ¢—= EDC d =1 ADCe—
3CED ({ECD. ) proinde 21g. GCD'=—
ECG=EDC, gquare DG=GC-( CE. ) er=
8EF: CE(DG)~+E F=DE+CE,
. g N . 2

PROP IL

A G B C  sibineredelinee AB,
il — DB extrema ac medic ra-
D H E F  tiswefecemur (AB. AG i:
el 1l—- AG.GB. @ DE.DH::
DH.HE; Yip[ fimiliter fccabuntur in cafdem (ci-
Licet proporsiones, (AG. GB:: DH. HE.)
Accipe BC—BG & EF—EH. Eftque
ABxBG 2— AGq. quare ACq b—4 ABG

cr, ax, 1.+ A Gq¢—9 A Gq. Similiter erit DFq=—
d 215 & s DHq. d ergo AC.AG :: DF. DH. compo-

21,6,

wendo igitur AC+A Gy AG:DF+DH,
‘ PH,

serds decagomi EC eidem cire
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. DH, hoc eft 4 AB. AG::2DE. DH. e pros € 22,5,
inde AB, AGi:DE, DH, unde f dividendo f 17. 3,
AG.GB::DH. HE, QE,D. _ ’

PR OP. IIL

- Idem circulm ATD comprebendit ¢ Dodecae-
drl pentagonum AV.CDE, ¢ Icofaedriiriangu-
lum LMN, eidem [phere infcriptorim, . o da s

Ducdiametruini AG, re@afque AC, CG. .|, 1,3
Sitque 1K diametcr (phaerz, 4 & [Kg=5 OPq. {, 5 i,q
bfiarque OP. OQ:: OQ. QP, Quiz ACq, g prs
~+CGqe==AGq d — 4FGq; & ABge— E 21 3'&,_
FGq -+ CGq. f erit ACq—+ABq— s FGq. ,6"3'
porro, quia CA.ABg:: AB.CA—AB; acy )% &
OpP, 0Q:0Q, QP. b ideoque CA. OP=: 4 Bt
AB, OQ. % erit 3 ACq (1IKq.) S.Oqu'ﬂ:B .
(mIKq) :: 3 ABq. 5, OQq, ergo3 ABq=5 ‘,,,ﬂ;, .
0Qq.. Verum ok ML nlatus pemtagoni circus oo o 1
lo ioferiptd, cujus radius OP, erunr 15 RMq 7, ’;-3
0— 9§ MLq p— 75 OPq «+ s OQq— %3 P”’:’S-
ACq + 3 ABq g — 15 FGq. r ergo RM '

b30.6,
c47.1,

== FG. { proindé cire, ARBD =—circ, LMN, ‘Pu;:;s’ &.
St - " * Prims.

rr.ax. 1.

& (ch.48.L

S § PR O P, 4f 5

/
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asd.1..

bgt. 1,
c1§. 8.
d6. ax.
ey 3.
fqr. 1.
15. 4.
lgi 16. 13.

* Eiss,

EVOVLIDIO Licminiorum

PROP, IV,
A x
\
B Tq
D M

~ 8i ex F ¢entre circuli pemsagonum dodecaedri
ABCDE circumferibeusd ducssur perpendiculardy -
¥G ad pentagoni unum lasms CD 5 erit-quod fub
difo tatere CD, o perpendiculari FG compreben-
ditur reltangulum svigefics [umpmum, icofacdri fu~

perficiei aquale. item,

8i ex centro L ciroulitriangulum icofzedri HIK
circumferibensis, icuberds LM ducatur ad
srianzuli umum laswa HK 3 erit quad [ub difto lase-
re HK, @ perpendiculari L M comprehenditur
reitangulum srigefics fumptum, icofacdri (uperficied
aquals. ' '

unc FAFB,FC.FD,FE. 4 Erunt trlangula

CED, DFE, EFA. AFB, BFC zqualia. at-
qui CDxFG b —zdang. CFD.ergo30CD
x GF ¢——60 CFD d—112 pentag. ABCDE ¢ —
fuperf, dodecaedri. Q, B, D.

Duc LI, LH, IK. eftque HKxLMf=—2
triabg. LHK. ergo 30 HKx LM g—60 HLK
== 30 HIK b — fuperfic. icofaedri. Q, E. D.

Coroll.

CDxFG. HRxLM k :: fuperfic, dodecaed. ad
fuperf. icofacdri. ’ '

PROP



Liber XIV. 339 ,
PROP, V.

X swperficies dodeca-

edri ad fuperficiemico

facdriin eadem [phe-

ra defcripti eandem

propersionem - baber

quum H latm cubi ad

AD law icofacdri. .

Circulus ABCD . .

. & circumicribar tam 3 3.14]
dodecaedri peptagonum, quam icofaedri trian-
gulum; quorum latera BD,AD;ad qua demits
tantur ex E centro perpendiculares EF, EGC,
& connefatur CD. » .y

Quonlam EC+CD, EC b:iEC. CD, ert P52 133
EG (¢4 EC+;CD.) EF (A%BC)e::Ep.;‘-m
EG—EF (2 CD.) awqui H. BD f:: BD, H— d oo 124
BD, g ergo H. BD :: EG, EF, proinde HxBF 134
=BD xEG. quum igitur H, AD b:: H xEF, € I'§: 5¢.
AD x EE, eric H. AD. :: BDxEG. ADxEF [émIz13
:2 I fuperfic. dodecasdil ad fuperfic, icofacdriy E 2,14
QED. - b1l

i)

e
1923

Y

- o,



340

acor. 17,
x3.
bis.13.
€4.33.
dig.g.

e 14

a6

R3.14.
b47. 5.

EVCLIDIS Elementorum
PROP. VIE

T §i vea linea A B
— ¥ fecesurextrema ac me.-
Y didratione 5 evif ur re<
‘IG &le BE posens id, quod

T dteta AB, ¢ id qued
| @ majori fegmento AC,

adrefam E, potentenm
VAT iZ quod aam.z AB,(@'

. D jd qued & minori feg-
, —H mn?ta BC;italatms c%—;
bi BG ad latm icofucdri BK cidem (phare cum cu<
bo inferipti.

Citculo,cujus [emidiameter AB,in{cribantur
dcdecaedii pentagonum BEGHI, & icofaedsi
triangulum BKL. # quare BG latus cubi erit ei-
dero fpha-z infcriptd. igitur BKqb — 3 ABqs
&Fqc—3 ACq. ergo BKq, Eqd :: ABg.ACq
¢:: BGq. GFq. permutandoigitur BGq, Bqs:
BFq.Bq funde BG.BK :: BF, E. Q.E. D,

" PROP. VIL

Dodecacdrum eft ad Ico(aedrum, ut cubllatms ad
lasus Tcofacdriyin una cademque (phara inferipti.

Quoniam ¢ idem circulus comprehendic &
dodc.aedri peatagonum & icolaed:i iriangulom,
b erunt perpendicularcsi centro fphzre ad pla-
na pearagoni & trianguli due inter fe xqua-
les itague fi dudecaedrum & icofaedrum intel-
ligantur ¢ffe divita in pyramides, duftis reQis
i centro tphzr ad omnes angulos, emnlum

.pyramidum ahiradines erunc inter fe zquales.

e5,&6.12.

Cum spitur pyramides 2que alte ¢ fiat ut bafes,
& lupniticies dodecuedri fit 2qualis 13 penta<
gonis, {uperficies vera icofaedri 20 triangulis §

erig

&SN .
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erit dodecaedrum ad icofaedrum ] ut fupetficies
dodecaedri ad fuperficiem icofacdri,d hoc eftur d 3, 14
Jarus cubi ad lawus 1co[aedri.

lf ROP. VI II.‘
B F Idem circulm

BCDE compre-

bendis ¢ cubi

Lof IN® quadratii CCDE
G He ofacdri wri.

D*—“‘k/ angulum FGH,
ejufdem [phara.

Sit A diameter fphzrz. Quoniam Aga—3 a 1§, £3)
BCq b — 6 Blq; itemque Aq ¢ — 2 GFqbay. 1,
d—=5 KFq, erit Bl—xF. eergoc cnrculus CBED ¢ 14.13,

=GFH, Q. ED, . di12.13.
. IY AN
L
A ¢ I:l‘B
i 3 Bt



A . B
N dasocubo ABGHDCFE pymni-

dem AGEC deferibere. -

CA,CG, CE; Eafque conne&é
5 diametris AG GE,EA. Hzpm-
B4g.5. nes inter fe £ 2quales funt,utpote aequalmm qua-
* 7477 drarorum diametri.ergo triangula CAG,CGE,
CEA,BAG zquilatera {unt,ac 2qualia : proin=
de AGEC eft pyramis,quz cubl angulls pnﬁﬂlt,
b jx def.11 eique idcicco binferibitur. Q EF

PROP, IL

In data pyramide ABDC
ofacdrum EGKIFH defm-
bere.

" 'aBifecalatera pyrami.
disinpun&is E, I F, K,G,
H 3 quz conne@e 1 2 reGiis
- EF,FG,GB,&¢. Hz omnes
b.x F D) zqua.lcs Tunt foter fe,
’ ptoinde 8 trdangula EHI, LHK, &c, zquilatera
€ay.def.1x funt & 2qualia,adeoq; confliruunt ¢ 6Gaedrum
d3tdefur d in dan pyramldedcfcripmm. Q. EP l;l "
: o P.

" Ab angulo C duc diametros -

e



—

-
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PROP I

NPQSOR defcribere, : :

Compe&e quadratorum * centra N, P, QS, 2 8, 4
O,R,12 redtis NP,PQ,QS, &c, quz 4 2quaiia 3 4 g,
fupt inter fe, 1deoque 8 tiapgula efficlunt zqui-
lacera & zqualia. proinde binferiptum el cubo 3y & 2
¥ Q&acdrum NPQSOR: Q.E.F. defoux,”

PROP. IV,

.. - Indato ofaedyo ABC-
E DEF cubum inferibere..
© - Lartera pyramidis EAS
1 BCD;cujus bafisquadras
4 oK/ E Mg/~ tm ABCD, bifecentur
™ I ﬁ&i’LmsMN.NO,OLg
VM’ 1 quz & zguales fuat & N
) q- ganlleliz lateribuy qua- ;1‘;.
‘ + drati ABCD ¢ ergo qua- ¢ 59 fefir)
¢ drilaterum LMNO eft  °
quadratum. :
N : " Bodem modo,fi latera
R uadeatl L M N O bifes
o Xe = conu

-



344 EVCLIDI S Elementornm
cemurinpun@is G, H, K, I, & conne&antur
GH,HK KL,[G,eries Hx tquedratim. Quod
fi eadem arteinreliquis § pyramidibus o&acdrd
centra triangulorum reftis conjuagantur,defcri-
bentue quadrara §milia & .zqualia quadraro
GHKI. quare fey-huirfiipdi quadraga cubum
. cqnfirtuent, quiquide intra otacdrusn deferi-
d31,def13 prugeric, 4 cum ofo—ejus anguli tangant oo
C paaed"rlba_fgs.in edrum centsis, QE,F. '

‘
i

i
H
.

8 daso Tcofacdro Dodéchedrum inforibered

Sit ABC DB Fipyramis [cofaedri, cujus

bafis pemagonum ABCDE ; centraautem tris

#g 4. -anguloram G, H,U, X, L; quz conne@an-
' «ewere@is GH, HKlik KL, LG, Erit GHIKL
; onum dodécaedri inferibendi, -~ ¢

.+ Nam re@z FM, BN, FO, FP, FQ, per cen:

acer y.3: 12 triangulorumaranfeuntes, 4 bifecant bafes,
by 1, berge rede MN,NO, OP,PQ, QM zquales
4B funtigtorfe. quinétiata FM, EN, FO, FP, FQ
‘o 1. - cparesfunt. dergoauguli MEN, NFO; OFP,
d8 1, - PFQ, QFM aquantir, pentagonum igl-

€ ~tur ' GHIKL aqiangulum eft 5 ¢ proinde &
£ ‘4; p 3. zquilacernm, cum!FGy FH, FL, FK, FL fpares
TR fint, -Quaod fi cadeid arte in reliquis undecim

pyraz



Libey XV. -

pyramidibus icofaedri, centra triangulorum re-
&is lineis ccnne&antor, defcribentur pentagona
zqualia& finilia pertagono GHIKL, quams
cbrem 12 bujufmodi pentagona dodecaedrum
confticuent ; quod quidem in icofaedro erlede-
feriprum, cum viginti anguli dodecaedriin cen-
trie viginti bafiwn dcofaedri confiftant, Qua-
propter in daro icofaedro dodecaedrum defcrip
fimus, Q,E.F. ~ '

FINTIS
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Ornatiflimo viro

D. JACOBO STOCK,

: Amico fuo & patrono fingulari. -
R EC publica, nec tri nomivis Ince
dignum cenfco bunc pancorsums
WK Aicruis pattum’ pifllurs &
IS\ yramdmmm.'\-.u Qui =qmidems
guod e mundo, quodguc Tibi, fp:itandwum
ob:ulerit, duplics nomine arrogantie (pe—
ciem incurrit. Sedatringue parata eft ex-
cufatio qualifcuanqme. Namsamsico obtcrs—
eratum oportust jubenti mitterems hunc
Uibellum Euclidais(que cognations proxi~
ma attingit ) Elementis (ubjungendum. In
eums quicquid eft in publicans ans peccats
aut mevits protinus ejicio, facti cuyns as-
thor fuit,rationemredditurum.Inte antens
dcliltum quod maxime aggravat idem po-
tenter extensat,Tibs tantum debere.Nans
cum its qui Diss ipfisfacrificia, ac modica
magnis Regibus donaria offerre non dubi-
tarmntfatius effe credo,etiam proimmenfis
beneficiis parum, qhiam. wibil vependere.
Sufficiat igitur regeffiffe, me Tibs multis
marnifque nominibus obftyiCtum fore 5 vi-
€5, q:4as potuvo maximas,reerre deberes
ultrivota (5 gragzs nibil poffe silla priva-
tim pas piblice pev[ilusai precellere 5 gi-
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(349)
bus agendisquam jamdin [pe & findio au-
cupor,occafionzm nondum comparere; pre-
frarc banc cblatam probind.re, quamvis
exilem, gram elzz‘s ams nequicquam peni-
tentia profcqui. Eftsicitur hac oblatio pis
grsquadiam O praludinm future am-
pliorisy 13gua mevitorim inme Tuorums
hiftoria uocrior ac diftinftior commemo-
vanda ocesnrret. Que impliciter agnofcere,
non ant {ufe d:leribere, ant dizne pradica-
re, prafentss eff inflituti. _Acroverajam
brewis fum éxov dixovii  Sug, necoffitate
potins coactiss,guam indnlts confilioNam
me welaventis tur Jentia alio avocant 5 ac
Veréor nz nac pine currenti Calimo exes
guentem,que ,lafu‘ adte perferet,amicama-
nus importunapaticntiapr aftolctnr. Quid
[npereft igiturnifi us te dsmi ftudsis ac re-
bus boneftis animum intendent cm [alntari
prafentiaintctur, enm exorim vencrands
ac dppiTs nomsinis 3 quim tants bensficen-
tia benignumremuncratorem jugibns votis
exapto ; idemgue me extemlo fuper Tyr-
rhenos, Tonios, e Ereofqus fiutts longin-
guam pr f.Ctioncm [u/c.prurii comitctar.
Obtt/l’f‘r antemyne tenuis opelle patrocinii
refpuas, quodsitro impertire-afgnatm o
R Tibi devin@iffimo
& obfequentifimo, ]
' . E -



(350)
EWcCLIDI1S Datdi

Definitiones.

Qi Ata maguitudioe dicuntur fpatia,
\ . s - »

¥ linez, anguli, quibus 2qualia

poflumus invenire. ,

» I1,Ratio dari dicitur,cu pof-

. # fumus candem invenire,

IIL. ReQilinex figurz (pecie darl dicuintut,
quarum & finguli anguli dati fiint,& laterum ra-
" tiones ad javicem datz {unt.

Hinc, datz funt fpecic figuré, quibus fimiles

- loveniri pcflunt,
IV. Pofidone dari dicuntur puada, linez;
angulique, quz eundem ftum femper obtinent,
. Circulus magnitudine dari dicitir, cujus
€a quz ex centro datur magnitudine,
. L. Pofitione & magnitudine dari dicitur
circulus, cujus datur centruin pofitione, &ea
quz ex ceptro magnitudine. ‘

VII. Circuli fegmenta magnitudine dard
Bicuntur, in quibus dad funt magnitudine angu-
li & fegmentorum bafes. ' )

VIIL, Pofitione & magnitudine dari dicuns
uir circuli fegmenta, in quibus anguli maguitu.
dine datifunt, & fegmentorim bafes pofitjoné
& magnirudine. ' S ’

IX, Magpinido magnitudine major eft daca;
quando ablata data, reliqua eidem zqualis eft,

X M?nitudo magoitudine minor eft dasa]
quando adjun&a data, tota eidesh zqualis eft,
. UefiAdaea fit, erit A+ BB daa. At
B—3A-+Bdau, - ' L ]
X I Magnitudo magnitudine major eft dacd
quam in ratiane, quando ablata daga,reliqua ad
eandem habgt ragjonem daam, £ 5l
3
el B4}



EUCLIDIS Dati. 1 N
XII. Magpitudo maguitudine minor eft da-

ta quath in ratione, quando adjunéia datatota
ad eandem rationem habet dasam,

U fi Adata fit, & %- detuy, erit A+BeC;

dataq.inr. fin A+B detur, erit B-3Cdata
giar. . T

PROP. L
A, B.  Datarum maghisdinum A,B,
a, b, adisvicem dasur rasic; .

"Nam quia A¥darur,sinveni- *byp.
tpoteft aliqua a=—A, Eodem jure fume b—B. a1.def,
befique a, b:: A,B; cquare ratio Adataeft.bfeh. 5.y}

B8

QE.D. . . ca, def,
PROP IL

A, -~ B, Sidare magnisudo A ¢d aliam

N b. aliguam B babeas rationcm dasam,
dasur criam bec alis magnisudine,

Nam ob A¥datam, 4 {ume az—A; acob 2.,

#daram,blit a—A.cergo b—B,s quare B datur, 2 1. def. 4
QED. T 3¢ ey

| b def. &
~ PROP IL €9.5:

A. . B, 8i quorlibes data magnitudines

a b. A, Bomponantur, ctiam esa A+-B

gua ex.bis componituy, desacris.
Nam gcape a-——A, & b=—B; b cBque a+b

: ;A-@-B. 4 quare A+Bdatur, Q,E, D. ar kf'

bz ex 1:
PROP 1V,
A, B. . $iidaamaghitudine A aufera.
a b, 1ut dass magnitudo B, ctiamreli-
qua A—B dabipee. =
aSiotenima=— A, &b—B, ergo A-B—ar1.df.d.
a~b, a4 proindg A—B datur, Q. E.D. - - biaxy,

PROP



342 EVUCLIDIS Data.

.« PROP V. i
A g B.' Simagnitudo A ad (ui- :pﬁn ali.
C. -D. guwem partem B babeat rationem
" datam, eriam ad reliquam A.--B

b‘b,(m m“.m datam.
abyp. Naw, quia - a'daraeft, bfit A.B:C. D
ba,def.d: cergo A. A—B::C. C-—D bpromde A
ccor. 9. 5. datur. Q. E.D A-B
“PROP VL
A. B.  ‘sicomponanmtur dug mgmudi-
' 'C. . D. #e5 A B,babenses ad imvicem ratio.
nem datam, etiam que exbi com-
’ ponitur magnitude A—+B, babebit adutramjue A
& Bratiokem datam.

a2, def.d, Nam ¢ fit A. B:C. D b ergo A+B.
b18.5. B:C—+D.D.cquarc A+B datur. Similiter
c1.defd, B+Adatr.-Q.ED. 75

, . PROP, VIL ,
A. B..  §i date magnitndo A~+B datd
' . rasigne fecctur, utrumgque fegmes-
toruni A, @& B ddtumeff,
shyp, ~ Namob % *datam,s erit A—.-B data.b ergo

as.das. g g0 Eodem modo B datur. ' Q, E.D,

bs, das,
: PRODY VH.I

A. C. B.  QuaA, Buadidem C rasionem

D, B. F, babem daum,blbcbum ad invicem
ratiokemdatam, .

41,4%f.d. Nam 46t A.C:D.E. 4 & C.B:: :E,F,

quare ex zquali A, B D.F. tergo A daur. '
QE.D,

B

(oroll.

‘ Ranones ex datis ranonibus compofitz, dztz
fant, Ue .- frex -z, &3 3 dauis,

PRO P
CS

b4

“
4



EVCLIDIS Dara. ' 363

PROP IX

A. B. C. siduaplurcfve magnisidines
D. E. FE. AB,C adinvicem babeant va-

tionem datam, babeant autem
ille magnitudines A,B,C ad aliss quafdam D,E,F
vationcs datas cifi mon eafiem ; ille alie magnitu-
dincs D, E, ¥ etiam ad invicem babent rationes
dasds. ’

D

amratio D gficex bdatis 2 A B ¢ers a20.def§]
Nam p 4ficexbdatis — o ¢ er- 220.def ]

B
. D datur,Eadem de caufa datur 2 )EI,E D.bbrp.
go T * . LR ‘ceor. 8,
PROP X, . das,
A. B. C. . simagnitudo magnitudine major
* fuerit data,quamin ratione 5 ¢ fi-
mul utraque illa eadem major erit data quam in ra.-
tione.S in autem fimul utrag,magnitudo eadem maa
gnitudine major fucrit data,quamin ratione; (s’ ree
ligua illa cadem major eris dasa quam in ratione 3
aut reliqua dara cft cum confequense,ad quam habes
altera magnitudo rationem datam.
1. Sinc A, & B darz. aerit B+C data, bergo 26.das. "
< e bir.defd,
A+B+CrCdauaginr. QE.D.
2, Sint A, & B—+C datz: ¢ ergo B datur, 17,9,
Lo T 7
proinde A+B-Cdataq.inr. Q.E. D.
3. Sint A—+8, & C dawz, d Liquet B dari, 4§, das,
QED. B e

PROP XI

A. B. C.  Simagnitudo magnitiidine major
 fdasa quam in rasione, eadem fi-

wul utraque major eris dara quam inrasione. Et fi
eadem fimul utraque major fir-data quam in ravio-
#c,cadem reliqua magnituding major cris dasa guam
in rasiohe,
. A 1A
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a6 das,
bii.defd.
c§.das,

2 4.4x.1,
b 4.dat,

adsdef. d.
big. §.
c2 d".
dz def d,

- ¢'8. dat.

f11.defd,

-

* EUCLIDIS Data,
B, B .. .
LA& —édmtur. aergo E-:Cdatur.promde
b A+BB+Cdataq.inr. Q. E.D.
2, A& 2 daquur.¢ ergo % datur.proinde

B+C
bA+BcCdara q.inr. Q.E, D.

PROP XII -
A. B. C.  Sifuerine tres magnitudines
- A,B, C, ¢ primacumfecunds
(A—+B) data fir, fecunda quogue cum sersia
(B+C) datafit; aus prima A sertia C aqualis

eft, aus alsers altcra major dara,

Namfi A+B, & B+C paresfint, bliquee
A & Cxquariy fin iftz impares fuerint, b liquet

exceffum A—C, vel C—A'dari, Q. E, D,

PR OP. XIIL
D, A=+B, C. _ Sifuerint tres magnitudines
E D, A~+B, C, (5 carum prima
D ad fecundam A--B babeas
rationem datam ; fecunda autem A+ B sertia G
major fit dasa quam in razione ; prima quoque D
major crit tertia C daze quam in rationc.

. B, D- :
Sint A, & ¢ *asB datz ; 4 fitque A+B.

B
D:A.Eb::B. D —B. ergo ¢ B, d&f)‘:ﬁ

B, C
& (ob e datam, ¢ 5o dantur.f quare D(E-+_.

Dw~E)c-Cdataq.inr. Q.E. D.

PROP XIV.

A C. - Sidugmagnitudines A ¢ C

B. - D. adisvicem babeans yationem da-

E. sam, utrique autem illarum adji-

ciasur dasa magnitudo B ¢ D ;

tote A+B, C—D, aut habent raviencm datam,

aut altera A ~ B alscra C+D major cris dars
guam in ratione,

Nam



EUCLIDIS Data. 365
Nam i A, C::B.D a:: A4 B, C+Dans.ys,
A+B darf, bbyp.
C+D c2.def. )

SalteAhdﬁt A.C#E. D, #3: A+E, C+D, dz.defd
Ergo¢ c—-:ED aceB, fideoque B—B dantur.f 4 :::’
g proinde A-+B (A+E: +B._E) o C g 11.defd.
~+D.data q.inr. Q ED.

ob e Ay datam, ¢ liquee

PROP, XV.
Ae B of §i due magnitudines A ér C
B. D.  babeant ad invicem rationem d4-
E, tam, ¢ ab utraque harum aufe-

tur data magnitudo > ¢ D § re-
ligue magnisndines A—B, C—D ad invicem » ba-
bebuns aut rasionem daum,aut altera A—B, altera
C-D mgjor cris daza quam in rasione.
bNam fiA.C:B.D a :A=B, C—~D.ary, g.

A
obc datam, ¢ liguet v dan. g,;’dcf 4
Saltem d fit A,C:E, Da::A~E, C~D. d’- def. 24

ErgocA D » &eE, ac f ideo E—B dantur. {4 5::‘

proinde A—B {A~E:+EwB) ~C-D8!: def d.
datzq inr, Q. E. D,
: PROP. XV[.

B. C.  siduemagnitudinesB, C bas
A. D.  beansrationem dasam, & abune
-E. quidem illarum C auferatur dass

magnitudo D,alteri autem B sd~
jiciasur dasa magnitudo A ; tots A~B refidua
C.-D mqar erit data quam m ratione,
Sitenim C,B#:D.E b:: C—~D.B—E. er- az. def 4.

goey C---- &4 B, aceideo E+A dantur, fPl'°‘cz dct' &

inde B-o-A (B+A:+B=E) " C~D dara d; :::
L 'D e M
ginf; Q.E.Dy Z3a PR O P, f1Ldefds
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abyp.
b 8. da,

EUCLIDIS Daa.
PROP. XVIIL

‘A+B.  D+E.  Sifuerint tres magmisudi>

C. #es A+B, C, D+E; @@

prims quidem A+B fecun-

da C major it date quam in ravione, sertia quoque

D—+E eadem fecunds C major fir data quam i

ratione; prima A—+B ad tersiam D+E aut ratio<

#em babebis daram,aus alters altera major erit das
$4 quam inratione, .

Namob A, D, & 2 ’—fg adatas, berie &

dara, ergo per 14, hujus.

PROP XVIIL

A+C. B. G. si fuerint tres magni.
B+D. F. H. ‘tudines, atque ex bk una

ntrague reliquarum major

Frdata quamin ratione 5 relique due aut datam
rationem babebunt ad invicem, aut alscra aiters
major crit data quam in ravione, i

” Datz fint A, B,,-g ,-g sacfit A+C=B~+D.

a v.def, d. Sitque C.Ca::A.G bi: C+A.BE+G. itemque

bix s,

d7.s.
e8.3.
f2 das,

D.¥FauB, Hb::D+B. F+H. ¢ ergo

‘€ 2.def. d, C+A dboc eft B+D, ¢ & B+D, aceidcirco

E+G, E+G, FH
E+G quin & G ac H f dantur. ergo per15i

PR OP XIX:

'A+B. E. 8i fuering tres magnitudines, ¢o°
C~+D. F. prima quidem ~magnitudo fecunds
‘ magnitudine major fir data guam
in ratione, fit quoque fecunda major tersie data
§u4m in rationes prima magnitudo sersia magnitu.
ine major erit data quam in ratione.
. .Sint A, C, & C~+D, D duz; dico A+B
6 E

cEdataq.inr, ' _
: . N " N‘m‘

F-+H; (hujus.”

KN

E- Qg ST Y '8
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Nam fit C+-D. Bs::C, Fb ::D. B-E. er. 2 2. def. d.

go ¢ C& dF,aceideo F+A, & ¢ D f ideogque b 19. 5.
F B_F T e udef. d,

E_dantur, g proinde A+B (F-+A ; +B—F) & 2 42

B £8, dar.

cEdatag.inr; Q. E. D. g 1L.def.d.

PR OP XX,
A C. E. Sidate fuerimt duamagnitu-
B. D, dines A,C; ¢ auferansur ab ipfis
magnitudines B, D babentes ad

rvicem rasionem daram;refidue magnitudines A—

B,C—D aus habebunt ad invicem yasionem datam,

sus altera A—B alrera C—~D major erit dusa

quam in ratione, ~

Nam(i-A.C:B. D 4:: A~B, C-D; bli- £ 19, 5
quet A-—} dal‘i‘ 2. dtf. d.

D ‘ .

Saltem fit D, B 5::C.E 4::C—D, E—B. . dat
ergo b . & ¢ B,acd propterea A—Ebitemque ; ad :t.‘
=D datz funt, ¢ ergo A~B (A—E: Eerndefd.
E—B
~B) " C-D data g.inr. Q E.D.

PR OP XXIL
A. C. B  Sidatefuerint due magnitudi-
B, D. nes A,C; (o adjiciamur ipfis dlig
magnitudines B, D babemtes ad . -

' imvicem rationem datam sote A+B,€—+D autba-
. bebuns ad invicem rasionem datam,aus altera A—B

alters C—+D major erit dasa quam in ratione,
Nam fi B.D:: AC g:: A+B.C+D,bli- a2y,
quet A~+Bdari, . - bs.def.d.
C-D ,
Saltem fitB.Db:: E.C4:: B+E, D+ C.

- ergoc B, dideoque A —E, &b B+E dantur, ¢, Jqp,

DxC d 4.dat,
Z3 eergo
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& X1 def,

ah
b g’dﬂ

;6.1.

a def. d.
big,s.

< hyp.
d8. das,

e544;

EUCLIDIS Data.
eergoA—+B(B+En+A-E)eC+Dda.
tag.inr, Q. E.D.

PR O P. XXIL
A, C. 8 dua magmudzm A, Bad aliam
B, 7 liguam magnitudinem c babeant ra-

tionem daw-, @ fimul utrague A+ B
ad eandem C habebis rationem dnm

Nam ob & g daws, b cnt—- data.c quare
A+B bideoque A~B data eﬂ: ‘Q ED.
e e

PR OP. XXIHL.

-A.y‘ e T _."B
| e B |
¥ :

§itotam AB ad totum CD babeat vationem da=
tain, babéant ausem ¢ partes AE, EB ad parses
CF FD rasiones datas (esf; non u[dem )Ybabe-
bunt omnig ad omnia rationes datss.

I\am fit AE, CFa: AG CD b GE.FD!

a ergo = Edarur,quare (ob ¢ datam ) 4 erit
ace:deo":;? dan ergo quum -
4cmdldeoq\u 53¢ proindc ¢ - dcntur
Y e
d erie 23 dara. Q_are eX ,&dm”&‘cn
dantur, Q. E, D. -
PR OP. XX1V,

A Siresveilalinea, A,B,C,
B proportionales fucrm pruu.(
C——r> 0 ‘autem ‘A adtertiom C babeas
rationem datam, (g-' ad fra)udm B habebit i atie-
nem datam,

- Nam

B



a ¢or.20.6,

Nam A. C4:: Aq, Bq. bergo g.;l dataeft, def d.

proinde A cdatur, Q.E.D cr.d,
B

PR OP XXV,

D Sidugretalines,
A B, CD pofitionc
E date fe mutuo fecu-
erint, punitum E, in
quo [e invicem fecant,
pofisione datumeft. _
4 Nam bz linez alibl quam in E,neutrius fitw a 4 def.d,
mutuo, {efe interfecare nequeunt, ' _
schol,
a1dem patet de quibufcunque lineis pofitione
datjs, feque in unico pun&o interfecantibus: ue
de circuli arcu, & re&a, &c.

PR O P XXVL

Si rella linea A B ex-
tremitates A, B, pofisione
data fins, recta AB pofirio- -
A e ¢’ magnisudine daraeff.
‘ Pofitione quidem, s quia argex
inter eofdem terminos u- -
v nica re@a duci poteft : &
magnitudine, b quia fi centro A per B ducatur b 1 def. 4
circulus, hujus omnes radii ipfi AB 2quantur,

v PR O P. XXVIL
UL LA LLL L st refle linea

& (7

& “.C. AB pofitionc ¢
& % magnitudine  da-
s % te, deta fuerit u:
»

o
o

d o i ma extremitas A s
? A e alters extre-
* * mitas B data eris,
Zs Nam

M i e Azemme o .
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370 EUCLIDIS Daa.
a1defd, Namficentro A, fpatio AC4—=ABbducas
b3.poff.  tur circulus,qui data reta ¢ occirrat in B,d erit
c2.poff. extremitas B data, ' o
deor, 25, schol. :
' - Vides partes pun&i B determinandas efie.
PR OP XXVIIL
4 Siper datum
B C punitum A con.
. / o, $ra datam pofi-
Di /A - ‘E tione reffam BC
agatur refta li-
se defd ™4 DE, adayetfa DE pofitionc dafa et k
:.4- defd.  Nam g dic alreram per A ad BC fore paralles
. ;: ‘: f . lam Hzcidcirco ad DE b parallela erit.c Quod
€ 34- dc).1, repugnar, . )
Nota, Vocabulum contrs in boc libro paral-
le)ifmum figoificare, '
PR O P, XXIX,
s 8i ad pofitione da-
E; D . tam reftam AB, da-
s E tumgque in ea punilum
"7 C, agatur reits linea

. S s CD, qua faciat angu«
A ] s lum DCB dagum 5 a-

‘ s re#a CD pofirions
data eris,

2 4.defd, 4 Nam quavisalia C E angulum b efficiet
by, ax,1; Majorem, vel minorem dato BCD. ‘
: - Schol, .

. B Determinari

debet firus an-
D7
DA

- guli dati tam
A

g © refpe@a perpen-
/\ dicularis CF ,
g qum ipfius AB,

RS ut cernis in aps

pofita figura. -

PROP,

'
1

1

T~
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PR O P XXX
E A Si 2 date

v riiiiiees punio Ainda-
™, tam  pofitiene

, ‘., & reflam BCa-
—_— . gaur reffa li-

e D gnaAD, que
B P ERPTIPRTY C[achnng’uﬁl’l
A D Cdaum,

aita linea A D pofitione dasa eff.
Namper Aduc AE ad B C parallelam, g2 28.dat)
Hzc‘poﬁl:ione dazur, Itemang. DABE par dato P L.defd,
alterng ADC b datus eft, ¢ ergore@a AD pofi. € 2944,
tione dataeft, Q,E. D, ‘ )

Schol,

Hinc praxim difcimus a dato pun&o ducendi
reQam,qua cum data pofitione re@a dawm an-
gulum efficit, '

PR OP; XXXI.
. \/ \L
B D\_/n
= sid datopawe A in datam pofisionc reflam

-.B_C dasamagnitudine resta AD ducdtur, pofitionc .

ue data crit, -
Wl‘gam pun&a D,per qu traafit circulus cen= 3 X defd,

tro A,z fpatio AD defcriptus,b data fust.c ergo b feb. 25,43
AD pofiione dataet, Q. E.D, ¢354,

PROP

—

P S

T I e AT i BT

|
.



372 EUCLIDIS Data

PR OP XXXIL

" c F D,
¥ = — |
A E B

'§3in dasas pofitione parallelss reftss AB, CD
dgatur refla linea AC, que faciat angulos datos
BAC, ACD, «@sreffa A C magnitudine data

_ Nam ad E ( quodvis punGumin AB ) fac
a tdefd, ‘ang. BEF — ¢ BAC.liquet re&tas BF,AC b pa-
b2g.1, rallelas, & ¢ pares fore, d quare A C dataef},
c34.1. QE.D, '
d 3.defd,
PR OP, XXXII

L€ = w D

775

&
-

Siin dusas pofivione pavallelas reitss AB; CD
agatuy udie dasa refs A C, facies angulos
BAC, ACD datos.
. . Nam ex quovis pun&o ElnA B, fpatio EE
ardefid, 4—A C deferibe circalum occurrentem re&te
b34:3," CDinF. bLiquet EF, & A Cparallelas effe
£29.1.  pofle, ¢ ergo, S

PROR

e e m



e

EUCLIDIS Data,
PR QP, XXXIV.

D » ¢

. ﬁc\ '." .‘.‘ <4
AxY ™S L BAR
- AN\T e

§iin datas poficione pawallelss reffas A B,CD
3 daso punilo E agasur reitalines ECA, [ecabisnr
datavarione,

Nam ab E ducre&am E B utcunque paralle-

373

lisoccurrentem in D, & B, 4 liquet effe EC.CA 226/

i ED. DB, b quare %c\d‘atur. ‘QED, - badfd

PR OP. XXXV

'8 @ dato punto B in daram pofisione reffam AB
agatur reita linca EA, feceturgue dara ragione; 4~
gasuy autem per punﬂu:g’e&ionk Ccontra datam
pofitione reitam A B refia limea C D 5 aila lines
CD pofitione data eff.

Reéta enim E BduBa ab Eurcunque in A B,

afecetur ficur BD.DB :; EC, CA. ob punfum 310.6.
D datom; b érit CD pofitiohe data, Q. E. D.b 28.dst,]

PR O P, XXXVL

Siddato pemifo E in desam pofisioné veitam bis
Beam AB agatur redts linea EA; adjiciatur autems
ipfi aliqua re 4 EC, guaad illam (E A) babeas

rasionem dasam;per extremitatem ausem C adjele

linea ECagatur contra datam pofisione reilam AB
reitalinea CD ; aita linesa CD pofisione data eft.
Demonftratio parum differ, 2 pracedenti.

r"“ ﬁg’ "o »
' EROP,
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374 EVUCLIDIS Data.
PR OP XXXVIN

3 Siin dapds pofitione

CH D: panllcly'k&uﬁA B,
F CD; dgatur vecta li-
a4 -AC, @ [ecetur
sratione dare; agatne
A G B autem per’ (eitionks

punum E contra da-

88 pofitione rectas AB, CD lines reéfa EF ; affs

.. reita EF pofitione datacft.

a2.defd Nam duc re&am GH utcunque occurrentem-

- b28.dat. oanallelis. Hac 4 fea fit in K ita ut GK, KH =

@ fch.26: AB, EC. b Punfum K parallelz (EF) fium
determinat, Q. E.F, o

P R O P, " XXXVIIL

: §iin datas pofitione ve-

EKF — &as paralliclas AB, CD

: agatur vefla linea A C

— c/ {H D 1 a%jiciagur astem ipfi qwz:

/ . dam refa CE, quaad
TA

: aftam A E babeat ratio-
G B wem dasam; per extremi-
. tatem autem E adjelle C E agatur consra datas pas
fisionc parallelas AB,CD reita linca EF; altare
falinea BF eft data pofisione.
Demonttratio perfimilis eft precedenti,Cer2
ne & compara figuras,

Laaan t

1D,
b
b
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EUCLIDIS Dita, 75
PR OP. XXXIX,

AP

§i trianguli ABC fingula lasers AB,BC, AC
magnisudine dara fine, sriangulum ABC fpecie das
tumeft. '

me afacuiang. D EF ipfi A B C 2quilate. 332. I
rum.Hoc eidem b zquiangulom erit.c ergo ABCb S 6.
fpecie datum eft. Q.E. D. e3.defd.

. PR OP XL
sitrianguli A BC finguli anguli, A, B, C mas

- goisudine dai fint, sraangulum ABC [pecie dasum

/1 . )
Nam ad quamvis DE ¢ factriang, DEF ipfia 23, 1.
ABC zquiangulum. b Hoc eidem fimile erit. b 4. 6,
cproinde trigonrum A BC fpecie datum eft, ¢ 3.def.4,
Q.E.D, B . |
PR OP XLI :

" St triangulum A B C
unum. angulum A datum
" babeat 3 circa datum s~
tem  angulum A - duo la-
tere AB, AC ad invicem
babeant ratiomem datam 3
sriangulum A B.C (pécie da-
tumeft.

Nam in uno latere datd
B C anguli fume quampiam

o AD; &afitAB. AC :iay fe5 4,

AD. AE. & duc DE. b Liquet igonum AD B ¢ g
ipfi ABC fimilc fore. ¢ Quare AB C fpecie ¢ 5 def.d,

. QE.D,
doym cf. Q. B. D, PROP




3/9

R 126,
bs.6.
€ 3.def d.

LWL LIEILIY MAlA,
PR OP, XLIL

‘Sitrianguli ABC latera ad invicem babeaist v4.
sisnem datam,sriaugulum ABC fpecie datsim eff.
Nama fac AB.BC:: DE. EF.4& BC.CA
: EE.FD.b Liquet trigonum DEF trigono ABC
affimilari, ¢ quare A BC fpecie datum eft,
QED.,

Vide fig. 39.
PROP. XLIIIL

AN
R AE D

ars. 9.
b1.4.
c32 1. &

4, 6.
93 -d‘f .

i trianguli reéianguli ACB circa woam aciteZ

. vim angulorum A lstera AB, AC adinvicem ra-
- sionem babeans datam , svigngulum A C B [pecie
- dasum.cft.

NamefloD EF femicirculus utcunque ; &
afac AB, AC:: DE, DF.isventamque D F
badapta in femicirculo; & duc EF.c Liquet tri:
ang. g) FEipfiA CB affimilari ; & d proinde
iplum ACB fpecie darl, Q E. D,

P



B"UL'LI Ao vara, 377‘
PR OP, XLIV.

§i triangulum A B C
A babear unu::g an:ulum A da<
sum ; circa alium autem an-
D E guium ABC latera AB,
B C ad invicem babeant ra-
E  vionem dasam ; sriangulum
A BC fpecie datum eff,

]Nam in crure dati an-
C gulifume quamliber A D,

§z 4 fac AqB. BC: AD, 244,
DE, centro D fpatioD E
defcribe circulum,qui fecet
alterum dati anguli la-
B tusin E, b Eritque triangy
ADE ipfi ABCfimile.s

c quare datur fpecie triang. b 9.6,
ABC. QE.D. ‘€ 3.defd,

PR OP. XLV.
' 53 triangulum BA C

A unum angulum BAC da-

tumbabeat ; circa detum

‘ autem anguslum BAC la-

terd fimul usragque tan-

BR i) quam usum {BA + AC)

ad religuumiatms (BC )
rationem babeant dasam;, triamgulum BAC ecie
datumeft, L .

Datum angulum B A C abifecetreGa AD. 2 9. £
bergoBA.AC:BD. DC. & compoqel_ldo b3.6.
BA -+ AC. AC::BC, DC. permutando igitur
BA + AC.BC:: AC.DC, ergoobBA+AC

BC s
¢ datam, d eric 27 dataitem ang. DACfub- ¢ 5 gef 4,
R - duplus

¢



378
_czdes,

faq.dat.

g 40.das,

abyp.

bz, da.
€49, wﬂ

abp.s®
3.def.d

b 41, das,
c3.defd.
d 4.dae,
€ 40,dat,

EUCLIDIS Data.

duplus dati B A C edatur, fergoang, C datury
£ proinde trigonum ABC fpecie datum eit.
. Coroll,

. Hincin triangulo, datisunolatere AB, uno
angulo B A C, & ratione aggregati laterum ad
baEm (R ad S; ) datur triangulum, Namda-
tum angulum bifeca, & facR_  §:: AB.BD. &
centro Bfpatio B D duc circulum occurrentem
re&z bifecantiin D & produc BDC. habes tri-
angulum,

i PR OP, XLVI,

. Sitriangnium B A C umum angulem C datum
babeas:circa alium ausem angulum BAC lasera fi-
mulb wsrague sanguam unum (BA — AC) babeans
ad reliquom (B C) rationem daram 5 triangulum

BAC fpeciedatum eff,
Nam bifecto angulo BAC, erit (utin prece<

denti) AC daca. item ang. Ca datus eft. ergo

I
ang, D 7\ C, b proinde & duplus B A C datur.

"¢ quare triang. BAC fpecledatur, Q, E. D,

Deducetur ab hac corellarium fimile precedensi,
PR OP, XLV,

Data [pecie regli lines
ABCDE in dara pecic
triangnia BAE, .CDE
Np B E dividuntur.

Nam ob ang. B, &
BA 4 dac. b erit triang,

E Ak BAE fpecie da-

tum, Simili difcurfy rria

ang.CDE [pecie datur.¢ quare ang. D CE datus

eft;Hunc deme ex dato BC D, f eftque reliquus

BCE datus.Similiter ang. CBE datur.e ergotri-
ang. BCE etiam fpecic datum eft, Q. B. D

" "PROP,




r EUCLIDIS: Data. 379
P R o P XLVIIL

§i ab cadem rells AB 2
deferibanfur  triangula
BACB ADB dasa fpecie,

babebuns ad invicem rasi-

. sdemdasam. - iy

- Dug epim -perpendi-

G f q;larei - Liguée

angulos trianguli re&angull CEB, Vs pmin e& 240, 4

& darierge (quum 5 b dana fit) ¢'erit b hpp.

9_@ dau. ; Simili difcurfn dawr cquareb.ﬁ’ c8.4,

d hoc eft t;!ang ‘L‘:Bdatur Q B, D "o d feby 1.6,
- PR O P. xL Ix. ) '

. 8i dbgademyeRlia lineg AB
duo rectilinea qualiber B A
ABCD,AEB dasa fpecie de-
. [mbumr bgbcbuns ad invi-
* cem vasiondm taram,

- Nam re&ilisepm ABCD
. refolvatut in Arlangula. & agy.d!
bac fpecie dava funt.ergaob be8. d,
cothnvanem baimAC bra- ¢ 6. 4,
tio ADC-ad ACB & ¢ proinde totius ABCD ad ds, d
ACB dacar.bitem ratio AEB ad ACB,d proin=

1 de& ABGD'ad AEB datwr. QE. D,

.PROP L _

8i dua vefla

lm AB CD

A od invicem ba-

lmm ‘rationem

D jstam; @ ab

. G ——t bt % fmilia,

militerque defcripta reffilints X, Ylubclmaul

isvicemvasionem dasam. -

Aa "~_; .= Nlm

id



38a EVGCLIVIO LUak!

aiLs, Nam fit AB.CD :: ¢CD. G. dliquet ABad
bs.4d. G, ¢haccﬁxadeari Q,E D.
cow206, ¢i;

apAROP LI. \T;».,
SO - sidmnde
S N lincw AX,CD
N

AR e

L ’ lb :Ilﬁ reitilia

. o ' “.‘u”u
L x,y ﬁusdaa defcdbm bebebu 4d fwvi=

o a . cemyasioncm datam.
a 13. 6. Nam s fac zﬁmxleipﬁY. Acobbz, c&Z
buo. d, x Y
¢so, 4, ‘m,lnquutdaﬂ. Q.B. o
ds 4. - ? /
ﬁ“& d P, m. -
. 50 3 dusa g-imlue
5 ABﬁgun p 4 ])ui;dudq{cri-
 batur, doferipl Jigars X magui-
-4 s sudine dass cff.
asg, & l 2 Nam ABq adavurfpecie, &
def. 4. mlgmmdme; &b ABq datur. nrgoxdamr
b4g.d. -
ca.d. ‘
PROP. LIIL

/ shdue figura X, X ﬂ""
Sdare fumf;” @ g lam

" upiw. BC ad unun lGm alse-
< rins DE babueris vationem do-
y um,nli 4, &pguc laters AB
D adnhgutF abebunt ratise
m

‘ G‘ ’F Nam

oy



!

, 'QED

4AB - a3.def ds
: pBC - . bbby,
‘Nam<&sDE  damur, (
EF - .
4 FG #e. crgopgrs dat; -

'—‘.." ; "PRAC?P‘ LIV,

8iduafigura X, Y- fpecie date ad invicem ba- )

‘Buering nmmdm-, criam laters (AB, CD,

&c.) babebuns ad invicem ratiomemdatam. -
. Namrad CD & §a¢ Z ipfi X fimilis.b Hze {pe- 2 18, 6!
cie datur.cergo ¥ dawr Proinde obY ddatam, b3.def. d,
X . C49.

' Z
e datur X. fergo AB datur.ergo per przcedemé, 4 b”

l “l
. z CD : . fm.:os

PROP. LV. &4, dary

si ﬂ)mua

/\ /\ Ry yod
dine &' fpe-

D cie darum fu-

em e nulmra (AB &c ) magnisudine data crans.
Nim ad quamvis CD ¢ fac Y fimileipfi X, 3 18. 64

_boc fpecie &magmtud}nc dawr, bergo Y da. b1.dat,

¢ 5q.das

:ur cquare damg,,d crgo AB dara. q&.d"“'

Aaa "FROP:



arLé,
bi14.6,
070 ’.

aiy .,
b1.68.-
€. 3’. | 8
di.¢’s.
das..

e28,¢018. v

das,

PR OP, LVL"
. Si dus  equianc
D 0 ' gule parallclegram.
K H mas AT, BF pabue-

T rins ad nvicem ra-
, tionem dasem , cff

\,. !uz } law AB
A B umdiwusa.'
G it veliquum feomds

lusm B G adeam BH, ad quem alserum primi
Lats BC babes rasioneys desams, quam babes paral-
Lelagrammum AC od parallclogrammum BE,

am duc HK parall,. AB. Liqueteffe BC.
BH4:: AC;AH b AC. BF. Q.e.D.

. PR OpP. LVIL
§i datum (pasium AC
K : c &d - dasam !e&m AB
- Applicatum it, in
: angule BA dlt:l;l:-
a t icationis altitudo
(AT e s

4 Erige perpendicularem AE, eftque AB.AE
b:: ABq. ABx AE c:: ABq.pgr. AC. dergo.
A Edatur. quare per E dug parallelam D C, ¢
hac abfcinder quefitam AD. Q; E.F,

PR OP. LVIL N

o . N,

Sidsnm ad dasem velom applicerur, defisions

dava fpesic figura, lavitudines defeliue dase funs,
Non differc 3 vigefinfa oftava fextz.

"PROP, LIKX

"L Stdatum ad datem refiam epplicetur; excedens

dasaifpecie figura, latisndines exceffus da'a fins.
Eadem et culn vigefima non‘!;extz.- g .
Lot v PRO P



EUCLIDIS Data. 383
PROP Ly

. , §i datum [pegie paral-

A . E Blelo rumg’(H- el

\D.édm(g, auti R

qugmur,iul i r 3

v K- —isitudines —- gwomonis

p  F ¢ HD,EBdsefum.
1.Hypp. Liquee torum

DB tam ¢ magnitudine, quam ) [pecie dari, ¢ a 3. d.

proinde & laticudines AB,AD; € quibus auferd b 24. 6,

datas AE,AH,e manent EB,HD datz. Q.E.D, css.4d.

2, Hyp. Liquet HE b fpecie, & & magn.¢ dari, dfyp.
¢ quare & latera AB, AH ; hac deme ex d daris e 4. 4.
AB, AD; eremanent EB,HD daiz, Q. E. D,

PROP. LXI

© 8laddase fpecie figu-
re ABCD unymiasm
AB. applicetur paralelo-
“\  grammum [patium. AF
+B i angulo BAE dato; ba-
*, beat auiem dasa ﬁgu’ra
% AC ad paraliclogram-

------ .

. mum A-F rationem da-

E G F Hum; paraliclogrammum
AF [pecie datum eff, SN

. Ad DAG protra®am duc (per B) paralle.

lam, cul occurrant. EFH, & DK parall."4 B,
Acob:ﬁ-?,’ &ang. BAD 4.dat;- 6 lic

a 3. def. d.‘
R . A . bao. d,
AKfpecie dari. bergo-A X & ¢ proinde A.‘_"cs. d.
o TP RC . -AF
oK AD AB - d3sn
dvel =2 ehoceft = dadtur. cergo ' da- ¢ L.6.
AH""TTAGTTT > AG .y @
tur. Trem ob angolas B, & GAE fnotg:, g da- o d. . .-
. AR. ‘ . C 0. d.
— '-— 40- :
- s eergo A dawur.b unde pgr, AF fpecie tgng,dcf.l-
dawg, QE,D, |
' Aaz . PROP,
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384 EUCLIDIS Data.
PROP. LXIL
8 dua i
e AB, €
~d invicem ba-
Imm rasionsss:
datam ; ﬁ? -
84 quidews dasa (pecie figura X defcripta ]
tlun assem ?en pci;"allclo all{lum Y m’u-
galo dato 5 babeat ausem ﬁgum X ad parelche-
gumu-Y ratiopems datam ; pmuclogrmm _
Y fpecic datum ¢ ’
ago.ds. Namad AB tp Z(‘m:lcxpﬁY « Hujus
b8.da, ratioad Y, &b prolnde 3d X dacur.c ejufque an-
cbyp, gutl dantur d ergo Z (pecle davur, ¢ proinde &
dér. de. '
€3.defd. , PROP Lxm

- §i trmguhm [pecic dasum fis,quod ab umoquog;
Lasernm deforibisxr quadratum, ad tmugulu- ba-
Bebis rmioncrs datam.
. Sequitur ex 49. hu;us. '

PR O P AXIV..

yangulum ABC p
hm obtufum ABC duun
babear; “illud fpasiom, que
;:;n ‘}C obtufum angulum

tendens megis pote ]
lasers A B,“C B ]!qua
. angulum ABC lnbimia

i dmmgulmABC babebit

m&mu:mm

ani demietatur A D perpendicwlaris produ.

a 4_“ &= CBD. atque ob angl':lec:apa ABD, & D da.

bys. duy, tos,; b dawur BD, thoceﬁBDxCB 4 ergo

ct.'6. , SR
. AD . - ADCE
o - 2BD

) <




EQCLIDIS. Datan 385
3 BD x CB, hoc eft, ¢ ACq—~ABq—~CBq datur. € 1% 3.
fFAD«CB . - fmiaog.ABC far. 1.
Q. E. D,
PROP, LXVi

b

R §i iianguliow A CB

: | Segulum. acurim 4 datum
2 N\ . -baRéat 5 iBud [passum, quo.
ot “daVm AB angulum C fub-

sendens minm poreft, quam
B D c'la_u_u AC, CB angyjum
Sl acutum C ambiemsia, ba-
bebis ad triangulum ACB rationem datam,
Nam duc perpendicularem AD.Dawre Ac.g, a 40.4,
bhecelt CDxBC. ¢ ergo 3 CDxBC, hoc b 1.6,

: . "ADXxBC | £ADXBC '+ c&.4d
eitd Q_(_Z_g-:_l;Cq—ABi; dawr. Q. B, D. "d13. 1.
ctrlang. ACB~ . eanIg

PROP. LXVL

Si triangulum ACB bebucris sugulum C datums
qiiod fubreity AC, CB datum angulum C com- ,
prebendentibm, comtinetur rectangulum, babebis ad ;
sriangulum ACB rationem datam. ' )

Namiofigurs pracedentds, efts 20 & hoc 240. 4.
eft, ACXBC, ¢hoc ¢ ACx BC data, dergo 0 525 -
- ADxBE 2 triang. ACB a8.2,
ACXBCdatur. QE.D. . . . -
triang ACB;



386 EUCLIDIS Date.
" PR'GP. LXVIL

L ‘..J-.".cc
y .'._..’.5..'& . A
"_::,.‘ - v
B ) "_"'b*'.".g“ .,
. it [ St
- G ..'.'."é'l?sg
. s

PR

" Sitriangulum ABG babueris dassm sngulum
BAG;illud fpasium, que duo datum. dngglm BAG,
comprebendentia lasera’ tanguam uns veffs BA—+

" AG, plas poffunt, quam quadvasum 2 reliqué Letere
BG, ad sriangulum ABG habebit rationem datam
. ProducBAitaut AD—AG, per Bduc BE
~ parall. AG; cui occurrat DGE.. denique duc
“normalem BC. s e
as.r. Liquer ang.D &.—AGD b—E.c quar¢ BE—_
big 1. BD, ideoque EC=CD. ¢ ergo EGxGD ~
€6.1. CGq—CDg. proinde BDqf (CDq-+BCq)
dcor. 3.3. &—EG % GD + CGq+BCq—EG x GD * -+
€35 2, Ggq. Jam ob angulos AGD, & D hfubduplos
£47.1.  daiiBAG, liquetk AD, ideoq; ADq dari.Cum

BraxL, " DG - DGq & -

b7t iéhu: BAxAD. ADq [ ::BA. AD m :EG.

¥ 32.1. . GD::lEGxGD.GDq,& permutando BAAD.
f40.4.  RGxGD:: ADg.GDq; erit BAXAD ¢ boc

1;36; R EG;‘GG -

ns, 4 ‘k 4R BAxAG data. p Aqui BAXAG daturg g er-

“9congr.  EGXGD - tridng. AGB ' .

P6s. 4, 8°EGxGD dawr, Q. E D,
q98. 4, trisng. AGB

¥

' \
A0 89 N

”»

nw A n
{
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PROP.LEVHEL

D < si dlh p:inuclo-’ L

,,,,,,,,, T Lramms o s 3
K‘" \ AC, BE babeas ad
nrumm razienem da-

A . B 1am, € wnum lam.
ABé&dunum latm BE
R babeas rasioncm da-
F tam; ¢ reliquum la-
twBCad rckgmul Lesw BG babebis rasionem da-
s4m.

Nam fic AB.BE: :BG, Bl-l 4 ergo da-:a.dcf d,
56

wr, bitem 55 g datr, ¢ergo < bc damr. c8.d,
v D ‘f :‘ )

Siduo pmllclagnmz AC, BF daos agum
babeans, ¢ ad invicem rationem dmm,lubut au.
sem ¢° unum lasms AB ad unum latw BE rationem
dasam ; ¢ reliquum latms BC ad reliquum lasws
BG babebity ragionem daram.

Latera AB, BE jaceant in dirc@um. produc
CBK,ac GFH ad occurfum cum EH parall.CK

Ob« ang, KBE (ABC) & pgr. # aM velabyp
: AC



388
b3s. 1.
c68. 4.
dbyp.&'

€ 40.
df’

a
bomtr.
c8.4.
dre.
ell;.&'
f ¢
i
. 40.“‘
B3s.1,

EUCL IDIS Data..

Hae dacas, ¢ llquet " darii uem 1 ob ang.

G &GBKldp;a;dam 7 fqua;e < dawr, _

B.D;
PROP, LXK

8i duorum pmlkugrmmmm (Ac BH, vel
BF )circa aquales & (ABC,XBE) mcma
inequales quidem (ABC, GBE) datos tamen, Le-
sers (AB, BE &BC,BK, & BC, BG) ad ins
vicem bebeans mmm dasam 5 ¢ ipfa :5: ”uudo-
gramma (AC, BH, & AC, BF) babebuns ad in-
vicem rasionem datam,

“Nam (in ﬁﬁ:yrzcei) fic AB.BB :: KB. BL.&

" “duc LM para

" Primo, QuiasABb ideR KBaac KB datz
Eg, BL, CB
funt,c erit CB Hoccﬁ AC evelpgr: ACdaua.
Q. E: D.
Secundo, Ob angplos G, & GBK 'f datos,
gdatur BK; jtem b’ CBdau oft, wgo CB4d
BG - nﬁb B

tur.proinde; 4t pthu, , hoc cit PE % < da-

tur, QJ. n.

..)i -;")

v PROR

. B T Y

——



EUCLIDIS Dam:. 389

8i duorum srigngulersm ABC, DEF, gircé &-

quales angulos, axscircai les quidem, dases

tamen (A, ¢ D) lasers AB, F.,(yf AC,_DF ad

. imvicem babesns vasioncm dasamy(s’ ipfs trisngnie

ABC, DEF habchum ¢d invicems rasioncm dasam;
Nam compleaniur pgra. AG, DH. ¢ hzc da- 270 4.
tam habent ratipnem, b proinde & trigons b15. 5.
ABC, DEF illorum ¢ fubdupla, Q- 8.0, ¢34 %

PR OP. LXXIL

Siduorumtrianguloram ABC, DEF & bafes
BC, EF fuerins in ratione dasa, ¢ #la ab angulls .
4d bafes (AG, DH,) que facians ang. AGC,
DHE aquales aus inaguales guidem, fed tomen da-
205, babeans €l inuisom resionem daiewm 3 ¢ ipfs
trianguls ABC, DEF habchumt od invicem ratis-
ncm datam. - o
e e Dl
Jas & comple pgva. CK,FM. ¢ habent jucea
#9 bujw ; quare wian coramn.# fubdupla # 34 1]
ABC, DEF ?:;ignsm hgfhk;_!s slesa-l; ‘,‘3‘%?; }
e RO Y
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3’90 EUCL ID IS Data.
: "P.R O P. LXX[IL

[ MG © NF

‘81 dw’wn plullelognmomh (AC, BF, vel
ACBN) circa aquales angulvs, autcirca u.e-
gule: guidem, [edramendates, Latera ad invicem
isa [e babeans, us fit quemadmedum primi lasus A B
«d fecundi tasm BE, 14 vebigim (ecundi Lagses
 (BG, wiBM) od aliam abiguam reflam (BH vel
F’l;) babeas ausem ¢o* reliquum primi letm B C ad
~eandemreCtam (BH vel BI) rasionem dasam ;, ¢
" ipfaparaliclogramma (AC, BF,wlAC, BN)bt-
bebun: ad invicem rationem detam

Nam 1, Hyp. liqueta CBbid ¢RAC -da-

abyp: SRR :T: S AH.c \BF)

b6 4 Q E !

¢ 14.6. u: parallel:m IHK. « quuet an-

3”?”*@:{0:%5 (GBM) & BHI(AB H) dari.

Y 4:) b ergo datur,.jtem CB ¢ d‘ata eft; ¢ proinde
. ABL ' Bl

;;‘, ‘;’ CB,hoc eft pgf- ACd vel ACdamt. Q E.D.

BH . BF BN, .
":;1-.“t PROP Lxxiv. :
sdnymllclogrmm datam rasionems babcmr,
ant in-wyiatibm amgulds (ut A C, BF) aut ing-
qualib hg uidem, fed tamen datk (us AC, BN ;)
erisuprinii larw A B adfecundi lasws: BE, its al-
Soram [ecundi lazss (BG vel BM)ad Mn(BH orl
~ g ¢ «BE) ad q'“-"llqwll pnmum'BC rationch
Jbabes disam .. o v LA
gdaeAdda N;m



. EVCLIDIS  Datn.: 391

~Nam in fig. preecedentis. 1. Hyp. 4 Liquera 56, das, :
£ dad. Q.E.D. M

2. Hyp. ut in przcedenti, datur B, ac ex byp:
- BH

AC item AB.ﬁE H! q‘%MB.BI b::GB.BH, * byp,

REZRN) / N bgs.
BE(BN. / . . 46.
‘ q(uue)CB etiam datur. & GTEQSB{IG\CR. c8.das,
D B—H . ') - :-B['/‘ - ,-_.\.
QED. . ' SIS
PR OP LXXY. -

ey, K B ‘e, .’.
e,
%, s, .'
bl
G %o, &

)| 8i duesrignguia ABC, DEF ad ivicem babe.

| 4nt ragjomens dasam, aus in angulis(A, D) equaki-

| w8, aut inagualibm quidem fed samen.dasierit us
“jprimi [g1us A B ad fecundi Laviis D -E-iva aiscrum

' (fecsmdi bsns DF ad camreltam, ed quam reliquum

privi basxs AC habet rasionem datam.

*| Nam.compleantur pgr. AG, DH. Ergoper .
*[pracedentem, oo : .o
' PR O P, - LXXVI,

§i a srianguli ABC
" ficcie dasi versice A
linca  perpendicularis
A D gaur ad ba
fim BC, s linea
AD o bsfim BC
p L babebis -ationum 4.
' D © Cam,
: T : Nam

.
.

A




393 EUGCLIDIY U&a,

S hp& 3. Nam obangules, #*B,& ADB datos, ¢ datu’

def. d. AR AR AD dacur, B.D‘
.{o. s, Ryt lem [ datar. bElgo Q

b8. dar. PROP. LXXVIL
i date
foecie X, Y od invi.
. ¢em bhabeans . rasio-
lcm datam,¢o’ qued.
A BC D lipes lasm mﬁB

ad quodiiber ahcrim latw CD babebi rationcm |

4 :
a 49, dat. ‘”N’:'m . ABq,&‘b Y, acc proinde ABq datur;
blyp. X X Y
itemCD adﬁ’tur. ¢ ergo ABg, ac jdeo ABda.
T ODq_ o

tur. Q.Et )
p;n o P, Lxxmr

.f'n —e

.l

A B P

Sidasa figurs fpecic X ad aliqued reSEangnlim

DCE babcas rasionem dasam; babeat ansem ¢ u-

mum Latus AB ad unum Lesws DC #asionem dazams;
redtangulum DCR ['cm dasym eff,

3 3 dét. 3. Sit DC. AB :: AB. CF. 4 ergo 2C datur!

:;,9’ -das, Teens ob b X, &¢X datas.gerit ABq, d%oc e
digs. . ABg DCB DCE.
e1.6., DC z‘_(}% vel e GE data, proinde e DCdatut
f£3.4def, d. jDCxC CE

quarcn&ang. DCE fpede datur, Q E. D

PR OE
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EUCLIDIS Dita, 2
PR O P, :IIXIX,

o

. 8l duq;s;;jg'nlau ABC, ';QEF unUMm Angilum

BAC uni angulo EGF egqualem babeans;ab gqua-
libm ausewm angutyy BAC, EGF ad bafes BC, ER
perpendiculares agantur AD, GL; firque xs primi
trianguli bafis ad perpendicularem, isa (& dlserim
trianguli bafis #d perpendicolarem( BC.AD:EF.,
GL; )illatriangula AB C; EG F aquisnguls

. PR . H
Circa triang, GEF deferibe circulum,Fac ang?
PEH — B. Conn¢@¢ HF, HG; & demitte per-
pendictularem MK, - -
Liigex teiangula ABC,HEF,& ABD, HEK, a 4.6.

- 3¢ACD, HEK zquiangula fore, Proinde EK, b a4, §;

KH::BD. DA. s FX. KH::€D. DA, chyp,
bquare EF. K'HuBC. D&ku¢ EF. L Gidos,
d quage !;H‘:i.G.crr‘Fgo HG parall. KL. fun- 33, 17
de ang, -BGH = GEF. ¥ ergodrems BH, FG, f29. 1,

. bideogue angull EFH, GEF 2quantur. & Item E 6.3, .

ang, EHF — EGF. L ergo trigona EHF, BGF; b2y, 34 -
m proinde & trigona EGF, ABC fidi mutuo 2. k21,3, -
quiangula funt. QE.D. ‘ " 13as,

O g Wy, 6y

PROP.



394 EUCLIDIS . Daa.

P R OP. LXXX. .
Sitriengulum ABC unumi
A ” engulum A desum bebueris 3
- - quod ansem [ub lucrklm AB;
AC datam engulum compre.
" bendeusibm comsinetser veiten-
ulum, babess ad quedratum
c - Brcliqul literis B.C rasiomem

" datam ; sriangulum ABC fpecie dasum eft.
" Nam Q AC+AB: —~CBq v@eur X,

26y.d. 4€80 3 b & ACxAB; &¢ propterea
bes. d, uhn ABC triang. ABC
‘e84 " fata eft, li item ACxAB ditut. ¢ ergo

dbyp. A‘&R‘B 5 CBq_
e6.d. ¥ e¢ideoque x+CBq, fhoceft Q; AC+AB
t,B

thyp. Ciq " CBq
g46.d. datur £ prolnde ulmg.ABC(pecle datur.Q.B D

PROP I.XXXI.

A D. ... Sitres reftaproportionales
B. E. AB,C mb-ng:’;:rmnu.
. -C.." . F. aalibw D, B, F extremet

A, D, @ C, Fbabuerintin
.vasione duts ; medias quogue B, E bzbebua: inre
« -siencdare Es fiextrema A ad extremam D,¢o° me-
- dia B ad mediam E babeasrasioncm dasam; (o ro-
B L:gzu Cad reltqm F babclm rationemditam,
W Nam uno,ob L& .-. daras, « clatu: AC
aze.d’ pr ' » BF

Hloc eﬂ:,B—g rgoE datur. Q E. D. -

A
chyp. - Secundo,ob 523’5 hoc eft ch:: datam, & ¢ g

des. d, datam,d datur <, QB.D

biy.6. .

s : PR O P
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EUVCLIDIS Dasa. 39§

P R O P. LXXXII,

A, B:D. R,
' B, CnE F
- 8i gxmuor refle pnpmmulu werist (AR
D.g) crit u prima A sdesm C, ad gau Iam-
retioncm babet datam,ise sersia D ad ¢am E,
#d quam quarss E ratienem babes dase
amquiaB, C::4E.F. &4.,.dqtuﬂ,b¢ aby:

rit . data, a;qgiexzqul}A Ci:D. F e D204
&% 3‘5' - -
- PR O P, LXXXIIL

A B G, . uor reita A,B,C,D
. E, ::;' invicem f¢ babeans, us
guibuferngue
_ [ump:ia A B, s & quartaipfls pnpmnulx?c—l
sepa E, ad bci religua D ex quasior sl pro-
pousionem haves dasamicrit ut querts D ad renivom
,m[mmlidml’ adquaababnymuA
rasioncms datam,

- NpmAE£4=BChx:DF. & htmi als.ﬂ‘- -

AD AD A N
ohooeﬁ s & ve] & L)F,evel-.. ergo, &, CLE
BR QR LXXXIV. - d7e5d

g Sidyarefla AB, A Cda:
F " sum (pasium conp‘eim

B angulo A daso; fis aurem alfera

" ABtkmAquordm
. A D B DB; etiam uw tp[mm

"Nam comple quadratup AE, s Hoc fpnit b]p ‘

darumeefl, birew pgy, CR,k re@a DB daowr. ¢ o5 44
cergo A C,vel AD,&oadprolode AB dawie, o'y i,

D,
Q‘E R Bb PROP
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b58 d.’

caq. d.

T %32,

abyp.

br.d.:’

c69.4.

ehy
£8.4,
gé.d.
h8. 2

ksq.d, .

16 4.

#8.4,

ny 6.
na.d.
o’s§.d.

Psi.d.’

BCOCLILLIO Lalh.
PR OP LXXXV.

SiduarcSa BD, DE datum fpasium compre-
beadans in angule BDE dato, fiz ausem fimul usrags
(BD~+DE) dats 5 (5 carum guoque unsquaque

BD, & DE dasaeri.

Nam fume DA—DE, & comple quad. DC,
Hoc fpecie datur 3 item pgr- BE, & re&aBA
adantur.bergo AD (DE) &¢ rellqua DB dan-

tor, Q E.D.

" PR O P, LXXXVL

B ) Sidugreite AR
1 Lo AD daum [par
, um BD compre,
: bomdant in an
- . ' 1. davos rasum
A E "D gaem uqn‘i‘:ld AD
< - quadrats alterims
AB mju fitdaro quam inrasione (nempe wfic
ADxAB datum, & * reliqul ADXED ad ABq
radodata ;) ¢ wragqueipfarim AB, AD date
erit.
- Nam 0bBD, & DA x AE 4 data, b datur
BD. cergo AB dideoque AByq datar. etem

‘DAxAE AE ’ AE h
dstod.:

_ABq dawr, fergo AEq ideoque ABq
ADxED: . . ADXED> 4 ADxED,
g._g AEq bhoc eft __ABq  dawr,
4 Al xED—«AEq R QAD+ED A
kergo AR &1 componendo AB #*ideoq;
R AD)‘ED§ s 2 AD>
AE mhoc et ABq datut.demque igitur ob

(AD, - 7 . ADxAR
K datum ADxAE, nerit AEqdana, o ergo AB,

&pproinde. AD, ac AB datz-fone, Q B

h )
e ~a

PROP-
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E'UCLIDIS Data. 397
< .PROP IXXXVI[

&dumﬂc :AB, AD. dam[pmunum
bendans.in angule lno..qudmmn autens umime
AD quadrase alserivs AB majm fis dato (ADx
AE;) earum ssraque AB,AD dataeris. .
Namob BAxAE & damm, beeric AE ld:oque axd,
——B Ad ! b69~ d.
ABq ¢ Boc cft AEq. g4 ac idcirco AEq / cbyp 0' :

ABq ADxED, - AEq+4ADxED, ! :

¢ho Vet AEq acholnde AR’ &dcom’ds&‘ d.

e8.2.
QADIED, ~ ADMED,~ 41

ponendo AE eac}deoAE choceﬁ E c1. 6.

.. aADs_ .. /AD,"  ADxARflyp,
data, ergoob ADXAE f datum, dantur gJ\Eq, g2.d.
&b AB,ack ideo AD,acAB Q.E.D hss, 1

. 'PROP LxxxVIIL - Ks7.4.

§iin circulum CFED
wagnitudine . dasum
aita fixreits lines CE,
‘qua fegmentums aufe-.
ras, quod datum angy-
lum F comprebendar;
&34 vealines CEme -
 gnitudinedmsacft,

. Nam ducawt dia-
C - meter CDj; & conne-

QaturED.  Acobang.F ¢ datum, b erit 2 aby:
¢ reliqudst zre&(s) dawss. item’ re@us EgED

4.
daryr.¢ quare £ & E datuy, ergo ob-ddatamCD, :o d.
€ crit CE data, Q. E. : dbyp & 54
: def. d.
‘ e3.d.

Bba PROP,



398 EUCLIDIS Dwa.
PR OP LXXXIX.
81 in datum magnpriiding civcutam CFED dg.
2 Waghiine éfH CE wify fueris, ixfores fug-
i g gl (GEE) 4 compbls..

Nam (in6g. pracedemiy) quin s & ang.
241 da D daoeur, gerit ang. D datus. § ergo ang F
243 : » .
b:-’lr' ¢( I,Rg&.—.D)da;us,gerit._Q. E. I).g \ 8 .
c’.‘o;ﬁ .'..’ - ' P R 0 P..‘ xc. T
S , < & in cirenli pofitione
A dasi cirﬂdnf.font’t'.!BAC
desnm fuerft proittum B
" “abes ausew purfts Ba
~\ circumfedembiom circuli
| infiexd furis e BAC
- | ~qtve davnm wwpubiom” &
s effiviasy inflena refle al-
. " terd exsremitas C dmta
. : SO g - oerit _. .
2103, Adgcentrum D duc D& CDy b dathigue
bz det,  eft sng. D dari A rduplus; quare ob B leg -
€20.3.  tam, ¢ trit DC data. f ergo' punStumy’ C daturh
di6 dat.- e, T E D. R N
€29.dat. . ‘Stang. A vbtu'ms furh 3 lume feliquum é4
ffch.2s.d. re@is acmiim ; ¢jos fubfijlo punétum Cinves
nies, -}'ﬁik!:'diéa. LN R
T PRO.P, XQI;E-»':‘& o
= : 8i (] ]
SN 484 fucyis rods
G A, que datum
N\ pofisione  tirculum
6B B A tamingat;
#ffa linee G A po-
Juione ¢ magnitu-
dine dasa eft,
Nam cemtrum
B D & pun&ug

~
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EUCLIDIS Dma, 399.

G conne@at gﬂa D G. fuper uadefcrlptusﬁl

femicirculus D A G circulo ori occurrens in 4 3132
.Obasg. DAG srebum,GA circulum btan- b cpr.26.35

i, ¢ le)rgo G A fw & magnitudlnc datur, ¢ 26.4ss,

E.D,
Hinc modus dicitur 3 dato pun&o tangen-

ptin ducendl eo nonnunquam expditior qui ha-

petur 3d 17.3, .

PROP XCII

X 8 extra civculam

pefisione desam BCD
" accipiatur aliguod pan-
FumA, dded edtem
purita A in efvcalum
. producatur  guadim.
. reia A C; datam;

;ﬂ id {ub aia
lmea AC,; & uAB,
‘ & {a inter_punilum A

il remed skt
rétangulum CAB
«Nam ductaogentem A D, berirque ADqa 91;{]3;
(I:oceRCAx ng) datum. Q E.D. b;ﬁ.g_; _
P & O P. XCill; oo

s«‘mdnm m--,
e umdm A B

E' agatur in cireus
lmu aligus m&a AEC;
Q‘I M A E’ .
u&g lineq
mnpnbu ~roitans -

gilum, dassmef, i

am
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400 EUCLIDIS -Data. _
Nam per E duc re@am DEB uttunque occur
235,12 rentem circuloin B, & D. eftquercang: DEB
bidefd, —aAEC. bergo AECdawr. QE.D.
P R O P. XCIV.
A Slimoirculum BA -
‘ C D magnisudinc da-
tum agasur veita lined
BC, que [cgmensum
auferas, quod angulums
B-A C dasum compre-
bendas 3 angulns au~
tem BAC, qui in feg-
_ memg confiftis, blfﬁ-
m" BA\ riam Yecetur ;m
ue rellarum BA, A C que siguium
B .:.’ C comprebendunt, adli?um 7\;"9, quesn;
gulum bifsriam [ecas , babebis rationcm desamt
& quod [ub fimil wrifqueBA, A C, quadatam
angulum B A C"comprebendiont, reflis 3 ¢ i’i‘:
ferne abfciffs (ED ) ebea A D, que 4ugu
B A C incircumferentia dasum bifariam [ecat,
redlangulum datum cris, : e
2884ds. - DucCD; & primoobangulesBAC, CAD,
: L. :“o_ datos, ¢dantur fubtenfz BC,CD, ¥ ideoque23-
¢ l;;. ; . datur, Cum igieur CA, AB:: b CE. EB,& per-
w. o mutandoCA. CE: AB. EB:: (CA—+AB,
d ;;uf- 4 CB i) * AD. DC. (Nam-# obang. BAR
1% = CAD; & D==B; trigona ABE, ADCfi
milia func ) de Purfus permutando CA+A B,
AD: CB. DC. derit CA~+ AB data}
e"‘s: Q-Ec Do ‘ R —_'AF-
14.6.

"Secundo, ob triahgula AEB, DEC ¢ fimilia 3.
cprizg. beHCD, DE: A B. BE¢:: CA+AB. CB.!
d16.6, 4dcgo CA+ ABinDE — CO_in CB. atqui

. csadas, CDxCBedawr. fergoCA -+ ABiaDE da-

frdefd, wmeft, QE.D, ‘
- PROP
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PROP XCV,

A 8 in cirenld

. \ BAG pofisionc dasi

® dismetre BG fuq

‘ ;mdemn pun-

. mD; 2 s

B G cwemDin f::ﬁ-

um  producassr

guadam refla DA,

. @ sgatur 2 [edi-

K oncA edreitosan

gubes in produflam reitam DA lines AE; per

punitumautem E, in quo linea AE , quead

reffos angulos comfiftis,occurrit civcumferentia cira

culd,agatur parallele (BCK) produifarefa DA ;

davum eft illud punitum C, in que paralels EX oc-

earritipfi diametro BG ;5 ¢° quod fub parallely li-
ned AD EC comprebenditur reilangulum, dasum a3ty

ef.

ﬂNam conne@atur AK. 4 efique AK (obap- b26.4,
gulum E, vel DAE re@um) diameter. ergo € 4 6.
interfe&io H eft centrum b ergo DH darur. Ac- 49+ 5.
qui obKH. HA ¢t CH. HD, deR CH=HD, ¢ 1. 4.4, .
¢ ergo CH datur, f ergo pun&tum C dawr, f27. 4.
Q. B. D. g ergoXG x CE, hoc ¢ 4 AD x CRB 8 93- 4#%
datur, Q E. So

F I N TS



