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ARMIGERIS,

5 Nicnique veftrim ( Optimi Adole--
%@ fcentes ) tantum me debere reputo, -
2 quantum homo homini debere po-
%, tet. Med enim fententid, ultra (in-* ~

cerum amorem non eft quod quifpiam. de alio

- bene mereri poflit. Hune autem jamdin eft quo -

ex fingnlari vefltrd bonitare mihi indultum expe-
rior, ejisque fenfus intimis animi medullis in--
harens , ipfi ardens ftadium impreflic , quovis -
honefto modo reciprocos affectus prodendi.

"Quandoquidem vero ea fortunarum mearum te-

nuitas, ea veftrarum amplitudo_exiftit, ut nec

ego alid qui gratx alicujus agoitionis fignifi- -
catione uti queam , nec vos altam admirtere ve- -
litis, eapropter haud ill:benter hanc occafionem :

© arripio , honeris .& benevolentiz , quibus vus -

A, profequor;




Epiftols Dedicatoria.

profequor, publicum hoc & durabile pmedzezer
edendt Etfi cim oblati anathematis exilitatem,}
& libellum veftris nominibus confecratum, quam
is longé infra veftrorum meritorum dignttatem
t1.bfidat, attentitis confidero, timor fubinde ali-
¢1is & dubitatio animum inceffant, né hoc ﬂu—r
<ium erga vos meum vobis dehoneftamente it
potis , quim orgamento ; fcilicet memor ctim
timn, ut male caufe, fic & mali libri patrocinium
in patroni contumeliam magis quam in gloriam
cedere. Sed quum veltrarum virtutum id robur,
eam fore foliditatem recognofcerem , quzx ve-
ftrum decus , meo quantumvis labefadato, ‘in-
concuflum fultinere poffiat, idcirco non dubita-
vi vos in aliquatenus commune mecum pericu-
lum induere  Virtutes illas intelligo, quibus ne-
mo unquam in veftra xtate , autin veflro ordi-
ne, faltein me judice, majores deprehendit, quz
vos infigniter gratos omnibus & amabiles red- |
dunt, eximiam modeftiam, fobrietatem, benigni-
tatem animi, morum comitatem , prudentiam,
ruagnanimitatem, fidem; praclaram infuper. in-
genii indolem, qux vos ad omnem ingenuam
fcientiam non.tantim excellenti captu, {&d & .
appetitu forti ac fincero inftruxit. Quas veftras
p-xclariffimas dotes prout nemo eft fortafﬁs,ﬂ
qi me melilis novit , aut pro confuetudine, ,
quam jamdudum vobifcum dulciflimam coluiffe .
cx veftro favore mihi contigic, penitilis introfpe-
xerit, itd nemo eft, qui impenfius miratur, & fu-
fpicit; aut qui ipfas libentitis praedicare, ac cele.:
. _ brare
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Epiffols Dedscasoria.
brare vellet, fi non cim eloquii mei vires fuper—
grederentur , tum etiam quz in fingulis vobis-e-
lucent, prolixi alicujus commentaris, aut panegy--
ricz orationis libertatem, potitis quim preftitu-
tas hujufmodi falutationibus anguftias, expofce--
rent. Quin potitss divinam clementiam imploro,.
ut vos earundem virtutum fan&o tramiti infifte--

- re, arque hos egregios frutus vernz veftrz xta-

tis felicibus incrementis maturefcere concedar;.
vitamque vobis in hot feculo ingenuam:, inno--
centem, jucundam , 8 in futuro beatam ac fem.~
piternam tranfigere fargiatur. Minime autem
dubito, né pro confueto veftro in me candorc,,
hoc ultimum fortaflis, quod vobis. praftare pc-
tero, benevolentiz erga vos & obfervantiz te-
ftimonium , alacriter accepturi fitis, qaod vobis
propenfiffimo affetu offert :

Veftri in aternum amantiffimis,
& dbfervantiffimms,
L.B.

A\ 4: ’
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2er. eAd duos pracipue
ms¢as direxi, Primum ut cum requifita
perfhicuitate [ummam demanfirationum

SEddikditiindt s
. -Benevolo Lz ¢ TORI

AR quid in hac elementirsm
R editione preftitum fit, [cire
&) Y2 defideras, amice Leltor, ac-
O cipe, progenio }pm&, brevi-
nes canatvs

>

brevitatems conjungerem, qwo eam li~

_ bello molem compararem , que commrde
abfque moleftia circemmferri poffer. 1d

quad aflecutns videor, fi abfentems Typo-

graphs cura non frufiretsr. Concinnins
enim quifpiam meliori ingenio , aut ma-
jori peritid excellens, at nemo forfan bre-

vins plerdsque propofitiones demonftra-
verit o prefertim cum in numero & or-
dine propofitiomum iple wibil immuti-
vim, nec licentiam mihi affumpferim

quamcunque propefitionem Euclideam
procul ablegandi tangmuam minks necef~
Jwriam, ant quafdam faciliores in axio-

marum cenfum refevendi s quod monnalls

Jecersnt; inter quas peritiffimms Geomse-

tra A. Tacquetms C quems ided etiam
somino , (quod quedam ex eo defumpsa
agnofcere baneffum duco ) poft exjms ele-

gewis fimam edisivnem, ipfe nibil atten-

tare




. Ad Le@orem.
vare voluiffem, fi won vifum fwiffet do-
&iffimo viro non wifi o€t Euclidis libros
[na onrd adornatos publico. communica-
ve, veliquis [eptenn , tanquam ad _ele-
‘menta Geometrie mings jjm&lntiém- »
omnino quafi [pretis atque pofthabitid.
CMibi autem jam ab initio alia provin-
cia demandata fuit , non elementa Geo-
metrie ntcungue pro arbitrio confiriben-
di, verum Euclidem ipfum, esmque-to-
‘tum, quam poffems brevifime, demon-
Sorandi. Qiod enim quatwor - libros [pe-
tat, [eptimum, oftavuns, -nomum, deci-
mum: qunamvis illi ad Geametrie vlane -
& Sfolide elementa, ut [ex- precedentes .,
‘& dwo [abfeqnentes; non tam prope pérs
tineant', 'quég tamen ad res Geometrics
‘admodum utiles fint, tam proprer Arith-
‘metice & Geometrie valde propingnam
‘cagnationem, quam ob notitiam commen~
SJurabilium G incommenfurabilinm ma-
gritudinum ad figurarnm tam: plana-
rm, quiam folidarum.apprimt nece[ari- -
am , nemo eft & peritioribus Geometrss. -
qsuiighorar. Que vers in tribus nltimis
libris continetur , § corpornm regulari-
#m nobilis contemplatio , illa non niff én-
jurid pretermitti potuit, quando nempe
slhlins gratia mofter soydvns, Platonice
Sfamilse philofophi, hoc elementorsm [p-
Pema univer[nm -condidiffe perbibetur,
s #e




Ad LeGorem.

wti teftss eft * Proclus , iss verbss, "03m * Eb. 2.

N K W euTdons soryesn ovus IAG- wes-
chowny Ths T KaAwpsiov DAATWIIGY O
\pdmor siswar. Pretevea facile in ani-
mum induxi ut opinarer, nemini harsum

Scientiarum: amanti nen futurum effe’

cordi , penes fe habere integram Eucli
A:um opus , guale paffim ab omnibus ci-

tatur, & celbratur. Ynare nulinm li-

brum, nullamque propufitiogem negligere
volni earum, que apsd P. Herigomum'

habentur, cujus veftigits prefse infifbere’
nece e habui, grioniam ejufce libri fche-

matsfmis maxima ex parte uti flatutum,
erat , quod previdcrem mihi ad vovas.
defcribendas tempus non [uppetere , etfs
monnanquam id facere preoptaffem. Ea-
dcm de canfa nec alias plirdsque quam
Ewnclideas demonftrationes adhibere vo-
Ius , [uccinCtiori forma expre(fas , nifi
fore in 2, & 13, & parce in7,8,9 k-
bris , ubi ab eo nonnihil defletere opere
pretium videbatur. Bona igitur [pes eft
Jaltem in bac parte cum noftris confiliss,
tum frudiofornm votis aliquo medo fasss
fattam ivi. Nam que adjecla funt in
Scholiss problemata quedam & theore~.

mata, five ob (wum frequentem ufumad

naturam elementarems accedensia, five ad

_€orAm, que fequuntar, expeditam demon-
Brasionim conducentia, fen gue regnla-,

S rem
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e Ad Le&torem.

_ vum praftice Geometrie quarandam pre-
CipRarsm rationes innuwnt ad [wos fontes
relaras, per ca, nt fpevo, libclins nitra

'zcﬂ*immm molems magnopere nip intume-
et
Altey fcopus, ad quem collincasum efF,
eorum defideriis confulust, qui dimon-
- frrationibus [ymbolicis potiss quam ver=
balibus deleGantur. In quo gemere cum
plerique apwd nos Gulielmi Oughtredi
[ymbolis affneti fine, ea plernmgue ufur-
pare ‘confultins duximus. Nam qui Eu-
clidem, bic vid tradere ¢& interpreta-i
aggreffns fir, baltenns, 7uod ego fciam,
© prater xnum P, Herigonium, repertns ¢/
nemo. Cains viri longe doltifsimi me-
thodus, [an in multis egregia , ac ejus
pecnliari propofito admodxm accomsmoda-
ta, duplici tamcn defellm laborave mibi
vifa ¢ff. Primd, quod cum Propofitio-
nim ad xnins alicwjus theorematis ant
 problematis probationems addnttarnm, po-
ferior-a priori now [emper dependeat ,
guando tamen ills inter [¢ coberent,quan-
do non, nec ex ardine fingwlarnm, nec wllo
akio modo fates prompee inmotefcere potef?,
unde ob defeltum compunitionnm, & adje-
ivornm ergo, rurlus, ehc. non raro dif-
fiowltac & dubitandi sccafio , prefertim
minks exercitatis, inter legendum oborie
"rifulens. Drinde [epe cvenst, nt predis
’ &4




Ad Le®orem.

- &a methodus nimis frequenter [uperva-

caneas repetitiomes effugere nequeat, &
quibns demonfbrationes eft gnando pro-
lixe, alignando & magis intricate eva-
dunt. Quibus vitiis nofter modns facild
per verborum fignorimque arbitrariam
mixturam medetnr. Atque bac de opellz
bujus intentione & methodo dicta [uffis
ciant. Cateram que in landems Mathe-
Seos in genere , ant Geometrie spfins; &&°
qua de bifforia harum [cientiaram , ide-
oque de Buclide .horum elementoram di-
geftore dici poffent, & reliqua bujufmods
efwmrend , cui hac placent, apud aflios
interpretes confulere poteft. Neque mos
angnftias semporis, quod huic operi im-
pendi potnit,mec interpellationes megotio
ram , nec ajumentorum ad bec fFudia
apud nos egeftatem, & quedam alia, #t
liceret non smmeritd, in excufationem ob-
tendemus, metw [cilicer indnuiti,né bac
noftra omnibus minns [atisfaciant. Ve-
rum qus ingenwi Lettoris 4fibus elabora- -
vimus, eadem in folidum ipfins cenfure
ac judicio fubmittimns , probands f u-
tilia [ibi compererit, fin emmino fecws
rejicienda,



" Ad amiciffimum Vitum 7 B. de
- EvcLIDE contralto
o *Evpngaaubs. :

YL Adtum bene! didicit Laconicé logui
Seaex profundus, <& apborifines induits’

Immenfadudum margo conmentarii
Diagramma civcuit mingtums ntque Infula
Problemabreve natabat in vafto mavi.
Sed undz jam detumuit; & gloffa arctior
Stringit Theoremata : minoris angls
Latcribus ccce totws Buclides jacet,
Inclufies vlim velut Homerus in nuces
Pluteoque [avcina modo qui incnbuit, levis
En fit manipulus. " Pelle in exigua latet
Ingens, Mathifis, matvis ut in utcro Herculrs,
In glande quercus, vel Ithaca Eurus in pilas
Nec mole dum detrefcit,ufu fit minvr,
Ruinaullior jam evadit, & cumulating
Contyalta prodeft evudita pagina,

. Sic ubere mag3s liquer é preﬁb effluit;

Sic pleniori vafa inundat fanguinis
Torrente cordis Syftole; fic ;‘:ﬁiﬁs
Procurrit aquor ex Abyle anguftiise
Tantilli operis ars tanta vefevenda unicé eff
BAROV1ANO mmini, ac folertie,
Sublimis euge mentis ingeniuns potens !

Cii invinm nily avdunmeffe nil folet.

S'ic ufque pergas profpero conamine,
Radiusque miultum debeat ac abacus tibi
Sic crefcas indies feracior feges,

Simili colonum germine affiduo bedns.
Specimen futurg meffis hic fret labor,
Magna'que fame Wufiriabac prelndia,
Jwvenis dedit qui tanta, quid dabit fenex?

. Car, Robotham; ¢ /NT 4 B.
coll. Tvin. Sey, S«




In-novam Elementorum
: EUCLIDIS -
Editionem,a D.1.S. BARROW,
" Collegii 5. Tr 1 x. Socio,
' viro opt. & eruditiflimo
+ - .. adornatam,

: '_B]:'m‘ghe Lettor ! 5 sfpiam anditum et tibs,
Quantns tenella Nix Geometres fiet

Lne mille radiis, mille Indit angulss,
- Tatsemque puro ducit Euclidem finn
eAmabis #ltro capdidiffimnm Vivum,
Ci plena nivinm e3t indoles, [¢d quas tamen
- Praclarus arder mentis urges Embhee,
-Et.ufque blandss temperas caloribus :

Qe [uavins wil vivit, & melins nibil.

Is, dum liguentes peflore excutit nives, -

Et indp, & indt j?mrgit, en aliam tibi, .
' Lettvr bemigne, ¢ wivibvis Geomesriam !

 G.C. AM. C.ES;



Notarum.explicasio.

= zqualitatem, X bk
£ majoritatem, . ]

* =4 minoritaam, - -1
— plits, vel addendum efle. o
— mimis, vel fabtrahendum effe,

=t differentiam vel exceffutn ; ftem quanti-
tates omnes, quee fequuntur, fubtrahendas
- cffe, {ignis non mutatis.

% multiplicationem , vel duQum lateris re- ¢

- Qanguli ingliud lates. o

Idem ‘denotat conjunctio lirerstam , ut{. -
ABz=AxB. . . L

& Latus, vel radicem quadrati, vel cubi, &e. |

Q_ & q quadratum. C. & ¢ cubum. '

“Jexj1usy

[

Q. Q. rationem quadrati numerd ad qua- |’

. '

dratum Aumerum.' - - , J

Reliqrits , que sbicunque occgrrumt, vocabulorume

abbreviationes ipfe LeSor por fe fackld imelligets ex-

| ceptis iis, quas tanguam mINKS SRinerabi wiks, fais e
cis explicandse velinguimps. R

( ANDIDE LECTOR, Quumisin hac ediiioss acewa
randa multam opzre inﬁ;mg: S, caveri tamen omiting won pork-
ity né irveperent apdMudle © Quorum fumme f£ fubdwcas e
Lim qua incuyie & imperiywitati Berarmm, tum que Auteric ma-
zuferipta calame feftinante exarato debentur; reliqua, fiqua modsd
veSiant, pronoftris libenter agnofcimus. In univerfum tamen, fi
ommia nobis imputes, non it multa funt; ut illorum nos admodsm
pudeat put ut &quus LeGor ea &rumi, & bomini difficulter igagfcat

" Paucula hec, quetemere aiquoties pagellas [parfim velegensi obiser

occurrebantydiligenter adnetes velsm,aut fi placet, calamo emsendes.
Paz.§. lin. 10, pro zquilaterz lege quadrilat. p. 13. 2.6, & 7.

" pro € pome iz aliquibus exempl. p. 2. defunt fgurapro 2 & 3

caf. Prop. 24. p. 168, L pemult. pro Aq. lege AB. p. 314. lult.
pro AC. L AD, p. 144.& 145 pro Lib. V1.1 Lib, VII, &f

; ’g in ockave libro % pro=, fed lackm non memini.

[ .




1
LIB. I
Ttﬁnitime:.

RV Unctum cft cujus pars nullaeft. .
1y B 11. Linea vero longitudo
Ay U0 laticudinis expers, :
20 B @ 111 Linez autem termi-
s [ ni funt punta,

1V. Recta linea eft, que ex 2quo {ua inter-
jacer pun&a. ‘

V. Superficies eft , quz longitudinem, lati-
tudinémque tantiim habet, .

V 1. Superficiei autem extrema funt linex.

V 11. Plana fuperficies eft, quie ex 2quo {u-
as interjacet lineas. :

VIII. Planus verd angulus eft, dsarum line-
arum in plano fe mutud tangentium; & non in
direftum jacentid alterius ad alteram inclinatio.

IX. Cim autem quz angulum continent
linex, re&z fucrint, reRilineus ille angulus ap-
Pelhturn ) .

. . X, Cim vero re~

2 Qalinea’C G fuper

reftam lineam A B

confiflens , eos qui

funt deinceps angu-

ls CGA,CGB

A 1 3 #quales inter fe fece-

LA sit, re@us eft uterqy

2qualium angulorum, & qua infiltit reta linea

C G, perpendicularis vocatur ejus (A B) cui
infiftir, :

Not. Cim plures anguli ad wmm punitum: (e
ed G) exiftunt , defignatur quilibes angulus tribus
Siteris , quarwm media ad verticem efd sllius de que
ajtur; wut angulus quem vefie CG, AG efficims
ad partes A vecatur CGA,B vl AGC.
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" duatuz,

oy T

EVCLIDIS Elementorum

A: X 1. Obtufus an-

- " gulus eft , qui re&o

majoreft, ut AC B.

XI1. Acutus vero,

- qui minor cft reGo, ut
ACD.

-B

D ' X111 Temminus
- C eft ; quod alicujus ex~
tremum eft.

X1V. Figura eft , que fub aliquo, vel ali-
quibus terminis comprehenditur.

X V. Circulus eft figura plana , fub una li-
nea comprehenfa, qua peripheria appellatur, ad
quam ab uno punéte eorum, qua intra
ram funt pofita, cadentes omnes re@z linee in-
zer fe funt zquales. '

: - B X VI Hoc ve-
£6 pun&um centrum
circuli appellatur.

. . . XVILIL Diame-
€ ter antem circuli eft

pet centrum dudta,&
. D ex utraque parte in
"cireuli .peripheriam terminata, que circulum
bifariam fecat,

X VII1, Semicirculus vero oft figura, que
continetur fub diametro, & fub ealinea, quz de
sirculi peripheria aufertur, i

In civculo EABCD. B off centrum, AC diame-

tery, ABC femicivculus,

X1X. Reétilinee figurz {unt , quz fub re-
&is lineis continentur, -
. X X, Trilater®e quidem, que fub tribus,

X X 1. Quadrilaterz verd, quz fub quatnor,

X XTI Muliilatére autem y quz Tub plu-
ribus, quim quatuor retis lincis comprehen-

XXIIL Tri-

rea quedam linea

1
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Liber I.
XXIII Tri
gurarum , zquilate-

quod tria Jatera ha-
bet zqualia, ut tri-
angulum A.

X X1V. IHofceles
autem, quod duo tan-

- tera, ut triangulu@gB,

X X V. Scale
num verd , quod tria
inzqualia haber late~
ra,ut C:

XXVI1. Adbec
etiam trilaterarum G--

urarum , - reftangu-
umquidé’ triang:lium

A\\B \

blygeium autem , quel ohtufum angulum
habet;wt B, R

gulum habet , ut'tri-
angulum A.

B:  XXVIL

laterarum autem £~ -

rum eft triangulum,

‘tiim zqualia habet la~ -

eft , quod reuman~

XXVII. Am-

we]
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EUCLIDIS Elemensorum

XXVIIL Oxy-
gonium vero , quod
tres habet acatos an-
gulos, ut C.

Figura zquiangu-
la eft, cujus omnes an-

uli inter ¢ zquales
o uﬁr:. Duz “I'lerd £~
r2 ®quian unt ;3 fi i i unius
F;gulis angu%is alterius fint zgqulual:;tg Similiter
de figuris quilateris concipe. '

B, X X1X. Quadri-

laterarum  autem  fi-

urarum , quadratum

quidem eft, quod &

zquilaterum , & re~

Gangulum eft, ur
ABCD.

D
X X X. Alters ve=

’u.>

ra cit, quz reGtangu-
la quidem-, at -
quilatera noneft; ut

T ABCD.
D

XXXI1 Rhom-

bus autem, quz -
quilatera, {ed rectan«

gula non eft, ut A.
.

- <

XXXIT.

1

mowwew—1 10 parte longior figu~ -

e



Liber 1.

1 boAdes vero y quz ad-
_verfa & latera, & an-

gulos habens inter fe

xquales, neque Equi~

S latera eft , neque re-
&angula, w GLMH.,

D
XXX11L Pre-
ter has ¥utem relique
zquilaterz figure tra-"
pezia appellentar 3 ut
| o DH.

G N

XXXIIII Pa-

: rillele re&e linex

B ——— fun, qu® chim in ec-

de:n fin platio, & ex utraqu€ parte in infinitun

producantur , in geuatram fibi mutud incidunt,

ut A,&B, -
i

™ XXXV. Paul-

N lelogrammum eft $i-
gura quadrilatera,cu-

jus bina oppofita la-

G tera funt parallela, -

L feu 2quidiftantia, ut
GLHM. -
XXXVI Cim
verd  in  parallelo-
grammo A B C D di-
ameter A C du@ta fu-
erit, duzq; linez EF,
H 1, lateribus paral~
b ez fecantes diame-
& trum inuno codémg;

punéto G, ita ut parallelogrammum ab hifce

B3 paralle-




EUCLIDLS Elementorum
" parallelis in quatuor diftribuatur parallelogram.
ma; apptllantur duoilla D G, G B, per quz
diameter non tranfit, Complementa; duo verd
reliqua HE, FI, per quz diameter incedit,
circg diametrum confiftere dicuntur.
Problema eft , cim propomitur aliquid effici-
endym.
Theorema eft, cim propomitur aliquid demon—-
frandum. -~
Corollarium eft canfectarium, quod & faita
demonfirasione tanguam lucrum aliqued colli~

< gitur, .
Lemma et demonfiratio premiffe alicujus , ut
* demonftratio quafiti evadas brevior.

Poftulata. .

1. Oftuletur, ut 3 quovis pun&o ad quod-
vis pun&um re@am lineam ducere con-
cedatur. , ‘
2. Etre&am lineam terminatam in continu—
um re@3 producere.
3. Ttem,quovis centro, & intervallo circulum
defcribere. ’

eAxiomata.

1. Uz ci.idcm zqualia, & intér fe funt
alia. )
wA = B C.ergd Azt C, vel ergo
emnes A, B, C zquantur inter fe. -
Nota, (ins plures quantitates boc modo conjun-

Chas inveniacy vi bujws axiomatis primam mllime &+
quanlibet earum cuilibes aquari. Ruoin cafk (ape,

revitatis causd , ab hos axiomate citando abftinc-
muss etfi vis confecntions ab eo pendeat.

2. Et fi #quatibus zqualia adje@a funt, tcea”

funt zqualia,
3. Bt
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Liber I.

3. Et i ab »qualibus zqualia ablata funt,
quz relinquuntur {unt qualia. ,
4. Etfi inzqualibus 2qualia adje&ta fint, to-
ta {unt inzqualia. * . »
5. Et fiab inzqualibus 2qualia ablata fint,
reliqua funt inzqualia, ]

6. Etquz ejufdem vel 2qualium funt dupli-
cia, inter (¢ funt ®qualia, Idem puta de tripli-
cibus, quadruplicibus, &c. ‘
. 7. Bt quz cjulderfi, vel 2qualium fun: dimie
dia, inter fe funt zqualia. Idem concipe de fub-
triplis, fubquadruplis, &c. .

8. Et quz (ibi mutud congruunt, ea inter
fe fant ®qualia.

Hoc_axioma in veftis lineis , & angulis valet
conveifum , [¢d non in figuris , nifi dle fimiles
Suerint, .
. Catcrim, magnitudines conyiucve dicuntury qua-
vum paites applicate peylibus , aqualem vel enns
dem locum occupant, .

9. Ettotum {ui parte majus cft.

10. Dux rectz Yinc:e non habent unum &
jdem fegmentum commune. ) _

11, Duz retz in uno panéto concurrentes,

“fi producanitur ambz , neccffario fe mutud in

co puntto interfecabunt. -

12, Trem omnes anguli re@i funt inter f&
2zquales, :

)

— L IN , D
13.Et {i in duasre&as lineas AD,CB,altera re-
&aBAincidés,internos ad ealdémg; pactes an%U-
B4 0$

.
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EUCLIDIS Elementorumn

los BAD, ABC duobus re&is minores faciat,
duz illz ret2 linez in infinitum produ@ fibi
rautuo incident ad eas partes ; ubi funt anguli
duobus re&is minores. . .~ . - :

14. Due reftz linea fpatium non compre-
hendunt. . L0
18 Si zjualibus inzqualia oljicianur,
eriv totorum exceffus adjunctorum exceflui z-
qualis. R

16, Si inzqualibus #qualia adjungantur, erit
tatorum exceffus exceffui corum , qua 3 princi-
pio, zqualis,
" 17. Si ab aqualibus inzqualia demantur,
erit refiduorum exceilus, exceffui ablatorum =.
qualis. : s ‘

18. Si ab inzqualibus zqualia demantur, erit
refiduorum exceflus exceffui sotorum 2qualis,
" 19, Omné totum 2quale eft omnibus fuis

* partibus Gimul fumptis.

20, Si totum totius eft duplum, & ablatum
ablati, erit & reliquum reliqui duplum. Xdem
de reliquis multi&'icibus intellige.

. Cutationes intellige ['c.Clim duo numéri occuyrunt,

‘prior defignat propofstionem, pofkecior librum. Ut pac -

4- 1. intelligitur quarta propofitio primi libri,
atque il dereliquis. (etersm, ax. axioma, poft.
p;ulamm,' def. definitionsm, [cb. [cholium , cer.
corolarinm dexstant, &g, S

LIB,

[ YU
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Liber I _ ' 9
LIB I ' '
Prop. 1,

Vper datd veldi li-

) med terminatd A’
‘B, tiiangulum aquija-
terum ACB confli-

B bucre. ,
Centris A & B, ¢o- -
© -/ dem imervallo AB,
. vel BA# deferibe duos ;3 F‘ﬂ‘-i

- - . cireulosfe interfecan- | ”,”;' :
tes in punto C, ex quo ® duc re@as CA, CB. 4 '3 nff'
Brit AC «= AB <=BC 4= AC. "¢ Quare ¢ 25 dif.
triangufum ACB cft zquilaterum. Qupd Erac
Faciendum, - ’ .

D.c E

Schofiam, - -

‘Bodem modo fuper AB deicribetur ;rianQu.A o
lum Mofeeles , fi intervalla aqualium’ circulo-.
rum majofa famantug, vel minora, quim AB.

4Prjor. IIH :
-\‘,-:‘ )

. F
S

Ad daum punttum A date velte Lnee BC
eguslom yeltam lincam AG ponere., ‘

Centro C, intervallo CB * deferibe circu- ¢ i'h A
2,

!
lum CBE.? Junge AC, fuper qua ¢ factriane ¢ {?k
gulum 2 uilaterum ADC. 4produc PC 2d E. 4 2.yt

Bs.

cenyo
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e 2 poft.
t 15, def.
e conflr.
h 3, ax,
k 15, def,
1 taz,

adhh

b 15, def;

< conflr.

ok 1 4T,

EUCLIDIS Elementorum

" centro D, fpatio DE, delcribe circulum DEH:

cujus circumferedtiz occurrat DA ¢ protralla

ad G. Erit AG=CB. -

- Nam DG f=DE, &D A8 =DQ, quare

AGP—=CE*=BC!=AG. QE.F.
Pofitio pundti A, intra vel extra dztamr B C,.

cafus variat, fed ubique fimilis, eft confiru@io,.
& demonttratio..

Schelium.. .
Poterat AG circino fumi, fed hoc facere nalli. -
poftulato relpander, ut bene innuit-Proclus.

Prop., LII ,
Dudbus. datis vefhs
liness Ay BC,de ma-
Jore BC minari A a-
qualem victam lineam
BE detyabere.
Ad.pun&um B?po-
ne reGtam BD. = A,
Circulus centra B,(pa-
tio BD deferiptus au-.

<

feet BE®=BD ¢ A4 BE. QE. E.
’ Pror. IV.

B F
"Si-dug tritngu'a BAC,. RDR duo litcra BA,
AC duwsbus lateribus ED, DF aqualia bibrans,
e wmque kirigue (hoc et BA=ED, ¢ AC =.
RE) hibcast vera aggplum K, anzulo. D - agu:-
. Leim,y,




. Liber- 7, . 11
: lem , fub aqualthus veftis liness contentum , & ba-
| fim BC bafi EF equalem babcbunt 3 ciétgue tri-
angulum BAC triangulo EDF equale y ac vdi-
qui anguls B 5 C rveliquis amgulis E 5 F aquales
Crunt 5 wrerque v w2, fub quibes aqualia latra
| fubtenduntur. N .
+* Si punétum D punlto A applicetur, & reéta
DE re&tz AB fuperponatur, cadet punumE
in B, quia DE* = AB. Ttem refta DF cader 2 byp:
in AC, quizang. A 2==D, Quinetiam pun-
i &tum F punéto C coincidet, quia AC *== DF.
| Ergo re&z E¥, BC, ciim eoldemn habeant ter- :
minos , b con%ruent, & %oi’nde.zquales funt. b 14. oz
aare triangula BAC, EDF; & anguli B, §;
itémqs. anguli C, F etiam congruunt; & a-
quantur, Quod erat Demonftrandum..

- - Provp. &4 '
—A ~ Ifofeclinm trianguloruss ARG
qub ad bafim funt anu’i ABC,
. ACBInter fe funt agudes. Ec.
Frodultis aquabibus veltis lires
AB, A Cqui fub bafe funt as-
g CBD , BCE interfo a--
> quales ernnt, 7 -
. - *Accipe AF. = AD., &, 1.
. E\ junge CD,ac BF, b p i
‘ : Quioniam  in  triangulis € bvp
ACD,ABFfunt AB<== AG,& AF¢=AD, 4 ccnftr.-
anzuliisqy A commuonis ferit ang. ABF= ACD; ¢ 4 ™
& ang. AFB¢*=ADGC, & bas. BFe=DC;
+ - ~iten FCf= DB, ¢rgd in triangulis BE C, f 3 ax.
BDCseritans. FCB =DBC. Q.ED. Tiem § 4 1
ideo ang. FBC = DCB. atqui ang. ABF bz P o -
ACD. crgd ang. ABC k= ACB. QE.D, X 3%
(orolaviam. - .
" Hinc, Onne wiangulum zquilaterum cft
quegs xquianzulum, . S
) : Trop.




a3
b 1. peff.

< fuppofs
d byy.

-a
»
Fb‘

a: "c .

| AN

& [rppefs

EDCLIDIS Ekmentorum

Pror., VI
8 triangli A B C duo an=
-gus ABC, ACB equales inter
D Je fuarins, & (b agualibus an—
quls (whtenfa latera AB, AGC
B C aqualia inter fe erunt.

“Si fieri. poteft , fit utravis.
BA - CA.* Facigitr BD=CA, & * duc
CD. . _ L
_In triangulisDBC, ACB, quia BD ¢=CA,
& latus Bé commune eft, arg; ang. DBC 4:=
ACB, *crunt triangula DBC, ACB 2qualia

inter fe, pars & totum, f Quod Eieri. Nequit.

Coroll..

Hinc, Omne triangulum zquiangulmix <t

_quoq; x#quilaterum. -

Pror. VIIL.

S)q:r eaden veBla linea AB- duabus eifdem ve-

~ dtis lineis AC , BC, dia due refle linea equsa.

des AD , B D, utraque utvique (boc eff, AD =-
AC, &BD=BC ) non confistutntr ad alind
penitum C, aque divd Dy ad eafdem partes C,

eofdémaue termines X, B cum dwabks imtio duitis
_yeldis liness babentes. :

1 Caft Sipon&um D Ramarur in AC, 2 li-.
quzt noneffe AD=AC, : o
3 Caf. 81 punftum D dicarur intra triangue.
Yom ACB, duc C D, & produc BDF, ac BCE..
Jamvis AD == AC.ergd ang, ADCl= +CD;.
item quia BD ¢ = BC,critang RDCP=RBCD..
ergd-

- CaAD
AAD-

PUS—" Y1
A p=g
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ergd ang. FDC ¢ — ACD, id eft ang. 4 5. &x.
FDC — ADC ¢Q.F.N.

3. (4. Sin D cadat extratriangulum ACB,
jungatur CD, . -

Rurfus, ang. BCD ¢:=BDC, & BCDe= ¢ ¢ 1.
BDC. fergd ang. ACD =3 BDC. & proin- £ g, ax
® de multd magis ang. BCD 21 BDC. Sed erat

ang. BCD = BDC. Quz repugnant, Er-
g80; &,

. Pror. VIIE )

Si due tritne
#aABC, DEE-
‘babuerint duo la- -

tera AB, AC
duobus  lgreribus
\F P&, DE, u--
- Iyumaue Kiriq; &-
qualiss habuerint vers & bafim BC,bafi EF qua--
lem: angulum A [uh aqualibas vellss linews con-
tentum amulo D equalem babebunt.
Quia BC* = BF, fi bafis BC [uperponatur a by
" bafi EF,illz b congruent. ergd cim ABe=DE, b & an.
& AC<=DPF, cadetpuntum A in D, (nam ¢ bp
in aliud pun@um cadere nequit, per praceden-
tem) ergd angulorum A, & D latera coincis
dunf, $quarcangukilli pares funt, QR D. g, on

| L Corol.

. - 1,Hinctriangula 6bi mutud zquilatera,etiam -

, mutud * zquiangula fuar,

3 2 "Friangula fibimutud zquilateray xquan- A te
sur intes fe. »

X 4 3

Q. . 'PL. or,
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a3 f.
b x

€ confir.
48 1.

[ 4

AL b

b g I

¢ conflr.

d 4 L.

EUCLIDIS. Elementorum
‘ Pror. IX.

A Datum amgulion vc&i-
; Loecwm BA C bf.iiam
Jecare,
iSume AD= AE;
duc DE, fuper qui® fac
triang. zquilat. DFE,
Dufia A F angulum
BAC bifecabit. - -

/B  VFr ¢
& latus A F commune eft, & baf. DF < = FE.
dergéang. DAF=EAF. QE Fp
‘ ’ ['ml B

Hinc patet quomodo angulus fecari pefit in
xquales paries 4, 8,16, &c. Singulos nimirum

© partes iterum biiecarslo,

Methodus verd reguld & circino angulos fe-
candi in zquales quotcunge: haltenus Geome-
tras lasuit. o

Pror. X, '

C Datam veltam lincam
AB bifuiim [ecare,

triang. aquilat. ABC,
cjus angulam C b bifeca
1c&3 CD. Eademdara
AB bifecabir, |
A D Nam AC *="BC,
& latus CD eft commune; &ang. ACDe=
BCD, dergd AD=BD. QE.F. Praxin

hujus & pextedentis, conftruliio prime hujus

libd faris indicat,

Ppors.

Nam AD <= AE,

Super data AB'2 fac
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. Liber 1. -

35
, Pror, XI .
E Dai veltd lined
A, AB, & punitoinca
dato C; vectam line-
aw CF ad angides e~
éos cxcitare,
* Accipe hinc in- , ,

: d¢ CD=CE. Su-
A P C  t Bper DE bfactriang, b 4, 4,
“quilat, DFE. Du&ta FC perpendicularis eft.
+ Nam triangula DFC, EFC fibi mutud - ¢ .on0.
‘quilatera funt. ¥ ergd ang. DCF=ECE. 43, .

¢ ergd FC perpendicularis e, Q, E. F. . € 10, defy

Praxis. tam hujus, quim {equentis expeditur
facillimé ope norme. .

Pror. XIIL
- . C . - Super darom

vectam lineam 1=
" fitan AB, i

data puniio C
‘ . quod’ in ea non

R bomeit, perpendicus
K &£ v ¥R Iar.:mp:clé)?m C-
. G dedwcere.

Centro C *defcribe circulum, qui fecerda= a 3 p,p:
tam A B:in punélis E & F *bifecca EF in G, b 10. 5.
du@a CG perpendicularis eft. .

. Ducantirr enim CB; CF. Triangula EGC;
EGC, fibi mutnd < zquilatera funt. Sergd an- ¢ a4y,
guli EGC, FGC, zquales, & ¢proinderedi a 8. 1.
funt, Q.E.F. , . © 10. dif,

.+ . Pror. X111

> . Chm veSta linca AB, fuper

E ,A veitam liceam C'D con ftons,
facit anzule; ABC, ATIY
aut duos vedos | ant dussus ri-
€355 aquales efficict. . .

,C 2 &-




16 EUCLIDIS Elementorum

1. defo’ Sianguli ABC, ABD pares fint, * liquetil-
l.: 11 x:f los rez:‘:s efle; fin inzquafcs fint, exB b%xci;e—
c 1g. ax.  tur perpendicularis BE. Quoniam ang. ABC c =
d 3 ex.  Relt.q ABE;& ang. ABD ¢ =Reft. — ABE;
€2 &% it ABC4-ABDe=2Rc&. +ABE—ABE —

2 Re&- Q'E- Do % |
Coroll. )
1. Hing, fiunus ang. ABD geQus fit; aleer-
ABC ettam reus eriej fi hic acutus, ille obru~
fus erit, & contra, o
“ 1. 8i plutes re@= quim una ad-idem pun-
‘ - &um cidem reQ= infiftant,” anguili fent duobus
; s redtis xquales. - -
3. Duz re&2 invicem fecantes efficiunt an—
gulos quaruor reQis xquales. - '
P ' 4 Omnes anguli circa uinm pun&um con-
ﬁilcuti conficiunt quatuor retos. patt ex. Co= °
soll, 2.

e

- Pror. XIV. N
A Si ad aliquam rectam liaeam
W - AB, atque ad ejus runlium B

duz velta linee CB, BD non
ad eafdem partes duila, eos yxi
—fum deinceps amgules ABC,
D ALD dusbus recin aquales feo
covint , indivcdium cvmmtimer e ip/m-relie lineq
CB, BD. . -
aidn Si negas, faciant CB, BE ufiam reftam. ergg -
bhr  ang, ABC o+ ABE =3 Re@. b= ABC 2

ABD: ¢ Quod Eit abfurdum,
Pror, XV. .
. \a Si due relle lina AB,
‘ €D fe mutus fecuerint, ang-

\z los ad verticem C;.B‘, AED
: ‘ wgndles inter fe efficient. .
A : \ 3 Nam ang. AEC + CEB.
atl 1. \D 3= 21Re& =AEC 4+ AED,
bj. e CEOCEE=AED.QE.F. = '
’ ’ Sclol. .
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Liber 1. : R

Si ad aliquam re@am lineam GH , atque ad
ejus pun&um, A dux re&xlinez EA, AF non
ad: ca(dem partes fumpta, angulos 1d verticem
D, & B zquales fecerint, ipfe re@z lincze BA,
AF ig direGum fibi invicem erunt..

Nam2Re@.=*D . A2=B 4 Abegda 13. 1.
EA, AP funtindire@um bi inviccm.QE.?)._b 14, 1.
Sehol, 2. .
c’ Si quatuor rete lincz
{EA;EB,EC, EDabuno
E pun&o E excuntes, angulos
- oppofitos ad verticem zqua-
les inter fe fecerint, crunt
; ’luzlibet duz linex A B,"
EB, & CE, ED in dire@um pofitz. _
Nam quia ang AEC -+ AED = CEB
DEB * = 4 Re@, crit AEC -+ AED P = ’b:',c’,“g_"'
CEB -+ DEB— 2 Re@. cergd CED, & AEB,, 4" 7
fant re@z linez. Q_B D. RTNR
. PRGP . X V I' :
A . F Cujuftungue  Trianguli
ABC #uo laters. BC pro-
dulle 5 extcrnus ~ angwlus
ACD utvolibet intevno &
oppofite CAB, CBA, ma-
jor eft. .

Latera AC, BC *bi-, pof
fecent reGz AH, BE, ¢ b
C quibus produ@isbcapc EF © 3* ™

=BE,t & HI=AH,

- CGonjugantirg; FC,L S C3 Quo




18 EUCLIDIS: Elementorum

< confir, Quoniam CE<—=E A, & EF¢=EB, &
d 15. 1. ang. FEC¢=BE A;*critang. ECE=EAB.
i Similiargumento ang. ICH (£ FCD) = ABH.

5* % ergd torus ACD smajor eft urovis CAB, &

. ax,
£s ABC. Q.E. D.
. Pror, XVIL
- . cuj“ﬂl‘ﬂque tﬁ.’lngﬂln 1
) y ARC dno anguls dwobus &

yoctis_funt minoves 5 omii

Faviam fumpts.
Producatur latusDBC-
uoniam ang. ACD —
2, E C D%CB':zRe&.&ang. }
b . 1, ACDb A, cerit A - ACB— 2 Re&t. Eo- |
1

€ aen demmods erit ang. B + ACB— 2 Re&. De-
' nique produo latere AB; erit fimiliter ang
A 4 B=3 2Reft. Quz E.D,
Coioll. )
t. Hinc, in omni triangulo, cujus unusan-
ulus fucrit reus, vel obtufus , reliqui acud
fune, -

A .3, Silinearefa AE cimaliarefta CDan- '
gulos inzquales faciar , unum AED acurum, &
alterum AEC obtufum, linea perpendicularis
AD ex quovis cjus puncto A ad aliam illam

B CD demiffa, cader ad partes anguli acyti AED.
Nam i AC ad partes anguli obtufi du&a, dj-
catur perpendicularis;in triangulo AFC erit ang,

*17. . AEC—+ ACBr 2Relt. *Q.F. N,
‘ 3. Omaes angulitrianguli equilateri,& duo
anguli trianguli Tlofcelis, fupra bafim, acuti funt.

Pror, XVIIL

N ‘Omnis trianguli ABC
maus latus A C majorem
b " angulum ABC fubtendst. .

alt Ex AC * aufer AD=
bs. .C AB, & junge DB. bergd
B ang. ADB = ABD. Sed |

ADB |
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¢ ADB'= C. ergo ABD = C. 4ergd totus € 16 1.
ang. ABC - €, Bodemmodo erit ABC - A A

» E. D.
% Pror. X1X. .
B - Omnis trianguli ABC ma-
. jor angulus A majeri lateri
BC [ubtenditur.

Nam i dicatur én =
: BC,%eritang A=C.con-2 5. 1.
A Ctra ,HyPoth.g& i AB—
BC,berit ang. C = A, contra hyp. cquare poti- b 181,
us BC .- AB. & codemmodo BC = AC.

Q_B‘D. . -
Pror. XX, .

- Omnis triangdi ABC
dwo latera BA, AC reliquo
A BC furt maora quomodo-
cunqne* fumpta. }
Ex BA produéta 2 cape 2 3. 1.
B (AD=AC, &duc DC.y, ¢ 4,
bergoang, D =ACD.cj ar
cergd totus BCD =D dergd BD (¢ BA + d 19, 1.
AC) — BC. Q.E. D, ¢ conflr, &
Pror. XXT. 3 a.
A Si fuper trianguli AT C
uno latere BC, ab cxtvemitati-
£ - bwsduaredalizee BD,CD,
D interins confiitute fucrins, ba
conflitut & veliquis trianguli du-
~ obus lateribus BA, CA mino-
B ves quidem erunt, majorems ve-
o angulum BDC continebunt.

Producatur BD in E. éftq; CE + ED 2—a 20.1,
CD adde commune BD, ® erit BE —+ EC == b 4 ox
BD -+ DC. Rurlus BA + AR * = BE; Perpo
BA +ACcC BE +EBC.quare BA +AC?

BD.+ DC.QB.D. 2. Ang BDC*rcibn
DE Ct A, ergd ang. BDC A, Q. E. D.
' C4 Proz,
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20 EVCLIDIS Elemenorsm
A A Pror. x'XII. v ‘
A——58 - € =

- .-N H
i / o

‘Ex tibus vectis lneis TK, FG, GK, que
fat tisbus. datis vettis lineis &, B, C aqudles,
triangulum FKG corflitueve. Oportet autem duas
veliqud cffe majores omnifariim fwmptas, quoniam
wn'nfinjulque tiianguli duo lareraomnifariam fum=
praveliqno funt majora.

" Ex infinita DE 2 fume DF, ¥G, GH datis

1 %
.poft. A, B,Cordinezquales, Tum fi®centris F, &

G, intervallis FD , & GH ducantur circuli fe
interfecantes in K; jundis rectis KF, KG con-

c 15.def.  flituetur trianguium EKG, © cujus latera FK;

ex, . FG, GK uibus DF,FG, GH , ¢ id eft tribus
© datis A, B, C zquantur. Q.E. F.

Propr. XXIII

“Ad datam vc-
Glam lineam AB,
datimgue in ca
penitum A , date
angul reltilineo D
aquale angulum re-
Bilinewnm A con-

 Bitmere, ‘ ) )
. pofts * Duc re@am CF fecantem dati anguli laters
;"l; utcunque.® Fac AG=CD. Super AG <con-

fticue triangulum alteri CDF _zquilaterum, ita
: u,

[y
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ut AH=DF , & GH=CF; & habcbis ang, 4 8. 1
Ai=D. QB.F - -
Pror. XXIV.

8i duo tridagula ABC, DEF dus latera AR,
AC dustns lateribus DE 3 DF aqualia babue-
vinl , wtiumgise Ktvigue;  angulum wero A angulo
E DF majorem fib aqualibus vectis liness conten~
tem , & bafim BC, bafi EF, majorem babebunt.
*Fiatang. EDG= A, & DG >=DF <=} - I
AG; conneBantirque EG, FG. el o
1.Caf. Si EG cadit fupra EF. Quia AB d .
i=DE,& AC=1¢ DG, &ang, A*=EDG;, ¢ corflr.
ferit BC = EG. Quia verd DF ¢=DG, {4 &
seritang. DFG = DGF. b ergd ang. DFG - E ;' '“ .
EGF;b & proindeang. EFGc EGF. kquare 1.,
EG (BC) - EF. Q E.D. :
2. Caf. Si bafis EF bafi EG coincidat, ! li- 1 9. ax»
quet EG (BC) = EF. ] =
3. Sin EG Cadat-infra EF. Quoniam »f 1, 1,
DG+ GB =~ DF & EB, fihinc indd au-
ferantur ‘DG, DF, zquales, manet EG (BC) g
- BF. Q. E. D. L4

Pror.
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241

b 24.1.

a3

. quod un &qualium angulorum i

EUCLIDIS 4Elem'mt'or':ib3
Pro?, XXV.

8t duo triangula
D : ABC, DEF a'ua

latera AB, AC

duobus lateﬂbm‘

DE, DF equalm
(! babuermt,

nm e, baﬁm ve-
7 BC bafi B majorem; &~ mgu[um A fub equa-
libus vectis lincis comtentum angulo D majorem
habebunt.

Nam fi dicarur ang, A = D.2 erit bals BC
= BF, contra Hyp. Sin dicatur ang. A 2 D,
berxt‘BC1 EF, ctiam contra Hyy. ergo BC
c-BF Q. E. b

Propr. XXVI

B C E 197
" 8§ duo trianguls B AC ED G, du
B, C, duobus angulis B, DGE, ¢quale: babu-
erint, uliumque utrique, u;mmquelatm un lateri
¢quale five quod aqualibus ﬁm’t amgulis, [eu
Lenditur : religua
laera rel;quu lateribus equalia, utrumgue wtrique,
& reliquum angulum veliquo angulo agudem ha-
bebunt.
1, Hyp. Sit BC = EG. Dico BA =—ED, &

AC=DG,& ang. A=EDG. Nam  dicatur

ED - BA, * fiat EH = BA, ducatirg; G H.
Quoniam




\

# EG BC, fit B = BC, & conne&atur DI. g byp.
k

Liber I. 1]
Quoniam AB *=HE, & BC*=EG,i& b [t/

ang.Bc=B,eritang. EGH4= C ¢e=DGE. § 77",

"fQ.E.A. e AB=ED. Eodem modo AC ¢ pyp.

i=DG. dquare etiamang, A =ED G. £ axe
2. Hpp. Sit AB=ED. DicoBC =EG; &
AC= DG & ang, A = EDG. Nam fi dicatur
Quia ABS —=ED,& BC*=El;& ang, B t=E, ! /*to/t
erit ang. EID ¥=C==EGD. *Q.E. A. ,},."
ergo BC = EG. ergd ut prids, AC =DG, p 14, 1.
&ang. A =EDG. Q.E.D. : -
Pror, XXVIL \
+ Si in dias reltas line-
N AB, CD retainci-
o dens linea BF alternatim
< D

angulos AEF, DFE, &~
s quales inter fe fecerit, pa- |
vallels erunt inter feille reite linee AB, CD.
Si AB, CD dicantur non éffe patallelz;
conveniant produ&z, nempe in G. quo pofito

* angulus externus AEF interno DFRB * major a 16, 1.

erit, cui tamen ponitur zqualis. Qua repugnant.

Pror. XX VIIIL
£ Séinduss rellas line
/. " as AB, CD réitaini-
Bdm linea BF externum
D angulum A GE interno
H Z‘go}poﬁto, & ad cafdem
. F o partes CHG aqualem fe-
cerit , aut imevinos & ad eafdem partes AGH,
CHG duvbus reitis aquales; pavallela erunt inter
fe.ipfa vecte linee AB,CD. .
1. Hyp. Quia per hyp. ang. AGE =CHG, 4 15. 1,
a erit altern. BGH = CHG. b parallele igitur b 23. 1.
- funt AB,CD, Q. B. D. . : :
2. Hyp, Quiaex byp.Ang.AGH o+ CHG=. a 3. 1.
‘2 Re&td = AGH 5 BGH, berit CHG=Db 3. #=.
BGH. Ergd <AB, CD parailelx tunt, C%E. D, € 327-%
’ROP. -

& o AL Trogn 2y
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‘ 2 13. a2

bri. 1.
€ 13, ax.
d 5. 1,

2291,
b 3. ax.

a 29,1,
b 1. ax
€ 37, 1,

EVUCLIPILS Slementornms.

Pror. XXIX.

i In parallelas velkas k-
neas AB, £D, reftainci-

Bdem linea EF, & alter-

. pratim amgudss DH G,

" AGH equales inter fecfa

ficit; & extermem B G E,

Fﬂ

- interan, & oppofite, & ad eafdem partes DHE &
qualem 5 & snternos & ad eafdem partes AGH,,

CHG duobus veitis aquales facita

Liquet AGH, «+~ CHG == 2 Re@. %aliis
AB, CD non effent paralicle, contra hyp: Sed
& a0g.DHG « CHG b= 2Re&. crgd DHG
¢=AGH¢=BGE. Q.E.D.
B . Covoll, . .
; Hinc omne
B L C Parallelogram=-

mum AC ha-

) gulum reGum,
A , D A, eft reftan~
gulum. -
Nam A+ B?= 2 Re&. ergd cim A re-
Gus fit, b etiamr B reQus erit. Eodem argu-
mento D, & Crefti funt,

Pror. XXX.

amdy

~—?L__D Tres reQss fecet ue-
cugg; refta GL Quoni-
am Al;,EF parallclz funr,

3 eri;:\ang. AGI = EH]I, Item propter CD, EF
parallelas, 2 erit ang. EHI = DIG. ® ergd ang.
AGI = DIG. ¢ quasc AB, CP paraliclz funt,

. B D, .
Q - P‘.'C

bens unum an-

1 .Rua(AB,CD)a.
G dem Yeita lince BF pai-
Hl - ga;l.lclc, & inter fe funt par-

alldle. .

‘




Liber I, 35
— ‘Pror, XXXI .
£ A A dato punl¥o A date

F rete linee BC ducere
. , pavallclam yoctam lineam
B CAE.
. Ex A ad datam BC duc

, g re&am utcunque A D. ad quam, ¢jiisg; punGum * 33 €

TA :{laecl;ng. AE = ADC. berunt AE, BC P37 1. ]

- parallele, Q.B. F.

’ Prop. XX XI }_

J ’ Cujuftumue  tridn

L A B W ABC wmw latere

; T BC produtio , externus

angalus A C D duobus
internis, & oppofitis, AB

. B oft equalis. Bt trianguli

. 5 < p tyes interni anguii, A,B,

.- ACB dubus fant retis equales.

. Per € *duc CE parall. BA. Ang. A b=, gy, ;
ACE. & ang. B*=ECD. erg6 A + B<= b 29. 1,
ACE 2 ECD ¢ = AeGP. Q.E.D. Pono § b
ACD 4 ACB¢=2Refk. fegd A+ B ¢ " &
ACB=2Re&. Q. E.D, £l &

, Co . Covollavia, ’

} " 1. Tres fimul anguli cujufvis trianguli 2quz-
les fume tribus fimul cujufcunque alterius. Unde

2. Si in uno triangulo duo anguli (aut fin-
guli,aut‘ fimul) 2quales fint duobusangulis (aut

ngulis,aut fimul) in altero triangulo, etiam re-

liquus reliquo zqualis eft. Ttem , i duo trian

a unum angulum uni zqualem habeant , ree
iquorum fummz zquantur,

3. In triangulo fi unus angulus re&us fit, re-
liqui unum re@um conficiunt. ITtem, angulus,
qui duobus reliquis 2quatur, re&us cft.

4. Ciim in Ifolcele angulus 2quis cruribus
contentys retus. ¢lt, reliquiad bafum funt (cmi-

relli, .
e D . §. Tri=




lc\‘

ETUCLIDIS Elepentorum.
5. Trianguli zquilateri angulus facit duas
tertias uniusredi, nam 3 2 Redt. = § Reft.
- - Schol, - .
Hujus propofitionis beneficio,cujuflibet figuras
re&ilinez tam interni quim externi anguli quot
rectos conficiant, innotefcet per duo fequentia
theoremata, -

THEOREMA .

Ommes fimul anguli cujuftunque fignra veltili=
nea conficiknt bis tor folles demptis quatwor

* quot fmt latera figure,

Ex quovis punélo intra figuram ducantur ad
omnes figurz angulos reft, quz figuram refol=
vent in tot triangula quot habet latera. Quare
cum fingula triangula conficiant duos retos,
omnia fimul conficient bis tot rectos , quot funt .
latera. Sed anguli circa di&@um pun&um confi-
ciunt quatuor retos, Ergo,fiab omnium trian-
gulorum angulis demas angulus circa id pun~
&um, anguli reliqui qui componunt angulos fi-
gure conficient bis tor re@os demptis quatuor,
quot funt jatera figurze. Q.E. D.

Hinc Ceroll. Omnes ejufdem fpecici reQili-
nez figurz zquales habent angulorum fummas,

THEOREMA 1.
Dmnes i) exteni anguli cujuftungue figure
vellédlinza coificiuat quatnor veftos. .
Nam fin uli figurz interni anguli cum fin-
gulis externis capficiunt duos re&os. Ergd in-
" rerni

e —




terni fimul omnes, cum omnibus fimul externis
conficiunt bis tot re&os, quot funt latera figure,  *
Sed (ut modo oftenfum eft, )interni fimul omnes
setiam cum quatuor reétis efficiunt bis to reGos,
-quot funt latera. figurz. Brgd externi anguli
-quatuor rectis zquantur. Q. B. D,
Coroll. Omnes cujulcunque fpeciei reili-

nep figurz aquales habent ¢xternorum an-
gulorum fummas.

Pror. XXXIIT.

A ‘ Refte linte AC , BD,

' que aquales & pavalielas li-

| preas AB, CD, ad partes eaf-

€ dem conungunt , & ipfa o=

guales ac parallele funt. -
" Conne@atur CB. Quoniam ob AB, CD
parallelas. ang. ABC*=BCD, & perhyp. AB 2 29 i "
= CD, & latus CB commune ¢ft, P ettt AC= b 4. 1.
BD, b & ang. ACB=DBC. <ergd AC,BD e 27. 1.
ctiam parallelz funt. Q. E. D.

Pror. XXXIV.

A B Parallelogrammorums He-
k tiorum ABDC egualia fient
# inter [ qua ex adveifo late-
€ Dy, AB, CD; ac AC, BD;

angulique A, D, & ABD, ACD; & illabifa-
viam [ecat diameter CB.

Quoniam AB, CD 2parallele-funt, ¥t 4 .,
ang. ABC = BCD. Itemob AC, DB #paral- b 29. 1.
lelas, beritang. ACB = CBD.¢ ergd totian- ¢ 3, ax,
guli ACD, ABD =zquantur. Similiter ang. .
A= D. Porrd, cim communi lateri CB adja-
cantanguli ABC, ACB, ipfis BCD, CBD
pares 4, erunt AC =BD, 4 & AB—= CD.ade-d 36. 50
63; etiam triang, ABC = CBD. Qu& E. D.

D SCHOL,



28 EUVCLIDIS Elementorum.
) SCHOL, C
Omne quadrilaierum ABDC babens latera ops
pofiia equalia o -eft pavallelogrammun.
am ot Nam per 8. 1. ang. ABC = BED. * ergo
' AB, CD parallelz funt. Eidem ratione ang.-
- BCA = CBD; * quare AC, BD etiam paralle-
b 35.def. 1. [ funt, © Ergd ABDC cft paraliclogrammum.
Q.E.D. 5
- . inc eX=.
AE ) ] peditilis per .
: {F ¥ dawum pun-
&um&C da~
' tereltz AB
C D , ducetur pa=
rallela CD.
Sume in AB quodvis punétum E. centris E,
. . ®& € ad quodvis intervallum duc 2qaales cijcu=
los EF, CD. centro verd F, fpatio EC duc tir-
culum FD, quipriorem CD fecetinD. Erit
* du&a CD parall, AB. Nam ut modo demon-~
firatumeft, CEED cft paraliclogrammum, -

- Prop. XXXV.

- Payallelogramma

A_bE BCDA, BCFE fi-

G per eddem baff BC,

& in eifdem paralie—

L AF, BC conflitu-

. 2z, inter [e funt ge
: B c qualia. -
234 1. Nam AD ? =BC 2 = EF. adde commu=
b2 ax.  nem DE,berit AR =DF.Sed & AB*=DC;
o &ang A= CDF. dergdtriang. ABE =
¢ 3. ax. DCF. aufer commune DGE, ¢ erit Trapex,
.f2. &x. ~ ABGD == EGCF.adde commune BGC, erit

Pgr. ABCD =EBCF. Q. E D. Reliquorum
cafuum non diffimilis, fed fimplicior & facilior

¢ft demontfiratio, - .
: Scholium,




Liber 1. 29
Scholéum.
Si latus AB parallelo-
Dgrammi re&anguli ABCD
~ferri intelligatur perpendi-
calariter pertotam BC, aut
4 : BRC per totam AB, produ-
e 12 cetur eo motu area reftan=~
guli ABCD. Hinc reftan- .-
ulum fieri dicitur ex duétu
3 C Fen -multiplicatione duorum
. B Iaterum contignorum. Sic
exempl, gr. BC pedum 3, AB: 4 Duc 3.in 45-
yrciyenium 12 pedes quadrati pro area reftan-
uli.

Hoc fuppofito, ex hoc theoremate cujulcungs
parallclogrammi ( *E5CF) haberur dimenfio, * v. fig. pree
1llius enim area producitur ex altitudine BA du- #/* 35+
&ta in bafim BC. Nam area reQanguli AC par-
allelogrammo EBCF #qualis, fit ex BA in BC.

e M. Y " v ¥ Ty A2 e
. , .

ergo, &c.
A Pror.. XXXVI,
D & Payalleloriam-

‘ — Fma BCDA,
3 - , GHEE [wper -
’ e guealibus bafibs RC
r B € G  HGH, in cifiem
¥ parallelis AF, BH conflituta, inter fe funt equalia.
,". Ducantur BE, CF, Quia BC*=GH b=2 Byp.
®  EF,¢erit BCFE parallelogrammum. ergd Pgr. 0 ;7 [
*  BCDA4=BCFE¢{=GHFE. QE.D. 'd3js. 1.
@ Pror. XXXVIIL L
Y B A D __F TrimgulaBCA,
4 1 : BCD [fuper eadem
P ’ _ baf BC confhituta,
je - & incifdem paral-
i+ Y lelis BC, EF, intet
i - S

fe funt equala,
D3 ¢

L Taah
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38
31, 1.
34. 1.%

BN

4.1

. &%,
34 1.

a3
b byp.

[4

& X

35.L &

EWCLIDIS Elementorum.
. *Duc BEparall. CA, * & CF parall. BD«
. Erit triang. BCA® = $Pgr, BCAE=°%
BDFC »=BCD. Q. E. D. ‘

Pror. XXXVIIL
. D W  Tragula BCA,;
G A E¥D [uper aqua:
libus bafibss BC
BE conflituta, &
i(); I_elé('dw: parallelis
B®, inter [e

B CE F [ :s'qua;ia.

Duc B G parall. CA. & FH. parall. ED.
erit wiang. BCA * = 3 Pgr. BCAG b=}

34. 1.
b361¢.EDHF <=EFD. QE.Ds |

« Schol.

Si bafis £C c~EF, liquet triang, FAC =
EDE, &fiBC— EF, erit BAC— EDF. '

Prop. XX XIX.
Triangula aqua-
/¥ ;fa nc;:‘,i Bc'})f,,
uper eadem bafi
BC, & ad eafdem
partes .conflituta ,
etiam in  eifdets
funt pavallelis AD,

B

BC.
Si negas, fit altera AT parall. BC; & ducatur

CF. ergd tiang, CBF i CBA = CBD,

:QE" A '

Proy,;




.Lih’r I 31
Prop. XL, \

Triapgula aqur-
“jia BCA, EFD
fuper oqualibus ba-
fibus BC, EF, &
ad eafdem pastes
conflituta y & in

sifdem (unt parallelis AD, BE,
Si negas, fit altera AH parall. BF. & ducatur a .38, 1,
FH. ergd triang, EFH 3= BCA "= EFD. b yp.
¢ Q.E. A. ¢
Pror. XL1L

D - Si parallelogrammun
ABCD cum triangule
B'CE eardem . bafim
B C babuzvit , wn cif-
demaque fucrit parallelis
. o - AR, BC, duplum eiit

- parallelogrammum ABCD ipfius trianguli BCE.

Ducatur AC. Triang, BCA®* = BCE.ergd 2 37-1.
2 b 34 1.
¢ 6. ax,

Pgr. ABCDY=28CA°="3BCE.Q.E.D,

Scholium. :

Hinc habetur area cujuicung; trianguli BCE,
Nam ciym area parallelogrammi ABLD produ-
catur ex altitudine in bafim duta 5 producetur
area trianguli ex dimidia altitudine in bafim du~
&a, vel exdimidia bafi inaltitudinem, ut.fi ba-
fis BC fit 8, & altitudo 7; erit trisnguli BCH

™ area, 28,

Di  Prep



32  EUCLIDIS Elmimorsm
' Pror. XLIL

N/

Date m?f-b ABC aguale parallelogronminn

A BCGF conftituere in dato angulo veitilineo D,
201 Per A * duc A G parall. BC. tacang. BCG
b23. 1. =D, bafim BC bifecain E, * duc EF parall.

€ 1% CG. Dico fa&um.
Nam du&ji AE. erlt ex conftr. ang. ECG

a3 . _pgy triang. BAC ¢=2 AEC¢= Pgr,
¢4t ECGF. QE.F. o ) E

" Prop. XLIIL
In omn pavallelo-

A > B. grammo ABCD com-
%;ementa DG, GB
eorum qua circa dia®

H 3 Y meteum AC funt pai-
o F

"€ elogramriorum HE,

i - FI jnter L2 fimt as

PREYRES qualia, /
! Nam Triang. ACD,=* ACB, & triang, -

‘b 3.4, AGH:=AGB. &uiang. GCF = GCI,
»ergo Pgr. D6 = GB. QE.D, I

fror,



' Lk I . 33
' ~ Pror. XLIV.

p_E 1
le

G F H
A M L

Ad datam yettam lineam A, , dalo t'nanqzdn B,
aquale pamllelogrammm FL applua'fe indate an-
gulo rethilineo C.

2 Fac Pgr. FD=triang, B, it utang, GFEa 42. 1.
= C. & pone lateri’' GP in dire@um FH = A
Per H bduc IL parail. E F 5 cui occurrat D b 31. 1.
produaad L. per I F ductz recta occurrat DG
. protraGaad K. Per K bduc KL parall. GH;
" cui occwrant EF , & TH prolongatz ad M, &
L. Erit FL. Pgr. quafitum,

Nam Pgr. FL<=FD=Bd4&ang, MFH €43 1.
=GFE=C. QB.F. _ d s 1

Pror, XLV,
BeuC G _HL

., ~
.\ [E

> )

A F 1 r\

Ad datam re&am lineam. F. G- dato vectilinco:
ABCD aquale parallilogiammum FL. corflitucie, .
in dato angulo vectilineo B..

Datum reflilineum refolve in triangula.
BAD,BCD.‘ = Fac’gr. FH=BAD:ita ut
.ang. F=E. produﬁa.FI 2fac (adHI). Pg- 144 1,
Dy 1L.
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b 1g.ax. -
< confire

a1t I,

¥ 3o

¢ confir.
d 5.8'.6 1
€ conflr,
£ 34. 1.

EUCLIDIS Elemtniorting
IL =BCD. etit Pge, FL = P FH 4. JL ¢ =
ABCD. QK. F. T
§chal. ,

G |2 ¢ e~
A \\B g

: D - B
Hinc facilé inyenitur exceflus HE, quo re&ti-
lineum aliquod A fuperat retilineum minus B;

nimirum fi ad quamvis re&am CD applicentur,
Pgr. DE=A. & DH=B.. -

Prop., XLVI.

B c 4 data vecta ..
nea AD quadra-.

tum AC defcri=.

: bere.. -

A | *Erigeduas per=

_pendiculares AB,

D C: b zquales

X . fe.datz- AD; &

et D junge B C. dico

faltum, . - _

Cim enimang. A 5 D¢==2 Re&. 4 erunt
AB, DC parallcle, Sunt vero etiam © 2quales,
fergd AD, BC pares etiam funt , & parallele,
ergd Figura AC cft parallelogramma, & 2qui-

g Scb. 29, 1. latera. Anguli quoq; omnesre&i lunt, & quoni-

k ?9# d‘f'

am unus A eft re@us, Fergd AC eft quadratum.

Q.E. F. .
Eodem modo facile deferibes refangulum,,

aquod {ub dasis duzbus.re@is contineatur,

X . \ . ﬁloku‘

t{
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Liber I.-
Paor. XLVIL

quadratum
{BE: quod 2
b latere B C
reftum angi-
km BAC

[ubtendente
defcribitur

‘equale cft
Teis , BG,
) ) CH, que i
lateribus AB,
D M B A C reliun
, angulum continentibas dufciibuntire

Junge AE, AD; & duc AM. parafl. CE,

Iz relfan-

35

gulis BAC

Quoniam ang. DBC * = FBA; adde ccni- a 1% ax'

‘muncm ABC , erit ang. ABD=FBC. Sed &

AB*=FB, &BD *=38C. © ergo triang, b 25.4 *.

ABD— FBC. atqui Pgrr BM. =2 AB); &
Pgr.BG4= 2F BC (nam GAC cft unarelta
per hyp. & 14.1.) ¢ ergd Pur. BM =BG, Si-
mili difcurfu Pgr. CM = CH, Totum igituc
BE=2G- CH. Q E.D. . ‘

“ . Schol.

Hoc nobilifimum, & vtilifimum theorema
ab inventore Pythagora, Pythagoricum dici me-
ruit. Ejus beneficio quadratorum additio, &
fubftratio pesficitur 3 qud (pe&ant duo fequen=:
tia problemata. .

PrROBL,

<
d
¢

4. 1.
41, 1
6, ax.



ey NS =

i

36

Ardy, Tacqe

a 11,14

| V2N

[ %N “0}

a4 1
h‘;, .

EUCLIDIS Elementorum
PROBL. 1,
z

.Datis quotcunque qua:
B dyatis , umim omnibus & =
quale conflruere.
" Dentur quadrata tria, ’
c 47 quorum latera fint AB, 43
BC, CE.? Fac ang, re-
€&um FBZ infinita ha-

g J ¢ bentemlatera, in eique
B¢

P ——

‘,-'.-' - transfer BA, & BC, &
junge AC, berit ACq
s =.ABq 4. B Cq. Tum

tum transfer ex Bin B, & junge BX, beric
BXq=EBq (CEq) -+BXq (ACq) *=CEq

e ieaeed ' AC transfer ex B in X3
FALE - & CE tertium latus da:

equalibus AB, BCyex- |
bibere quadvatum , qus
quadratum majoris AB ’
excedit quidratum wi=.
B < novis BG. :
Centro Brintervallo BA defcribe circulum. éx-
€ erige perpendicularem CE -occurrentem pe-. i'
y
1

PROBL % ) I!
E  Datisdudbsreitisin |
i
!

ripheriz in E. & ducatur B E. * Erit BEq
(BAq) = BCq_y CEqQ."ergd BAQ— BCq==.
CE} QE F '

_?k.a BILL

|

»



Liber I. - ¥
PROBL. 3
c Notis duobus quibnf-
ennque lateribus tyigoni
veftamguls ABC , relie
quum_ invenive, i

Latera retum angu-

lum ambientia fint AC,
> AB, hoc 6. pedum,

—+ ABq =64 .. 36
=100 =BCq, erit BC
‘=4 100==10.

Nota fint deinde la-
tera AB, BC, hoc 10,

B 6 a

pedum ; illud 6. ergd cim BCq — ARq=47, &

100 —. 36 = 64 == ACq. erit Acq = 4/ 64
=48 .
Pror. XLVIIIL

8t quadratum quod ab uno

latere BG trianguli defiribi--

tury equale (it es qua i velis-

quis trianguli lateribus A By

e A C defcribuntur quadvatis,

angulus BAC comprebenfus

fiilb AB, AC reliquis duobies trianguls laseribus, ves.

s off.

D’fc ad AC perpendicularem DA = AB, &

junge CD. .

am CDq == ADq -+ ACq = ABq 3 47t 1+ ~
ACq = BCq. * ergd CD = BC. ergd trian- * Vid. fegi.
gula CAB, CAD, fibi mutud 2quilatera funt; Theer.
quarcang, CAB* == CAD*=Re&. QE.D. ¢ 1,

Schol, .
Affumplimus exinde qudd CDq. = BCq,
fequi CD = BC. Hoc vero manifeftum fiet ex-

feéquenti theoremate, . ‘
T THE:

illud 8, ergd ciim  ACq 47. 1



PR NG, v T e e

a 34

b4 1.&

6. ax

a 46. 1.
b 1. parts

< hyp

ds.

EUCLIDIS Elemintoiim

THEOREMA.

1.

ax,

Fr G N oPpP Q
' \ R ""‘";S!

¥ 1 K"‘r"lvl’k

Linearum aqualium AB, CD, equalia funt
gadmta AF , CG; & quadratorum aqualium

K, PM aqualia funt latera IK, LM.
. Pro 1 Hyp. Duc diametros EB, HD. Li-
quet AF = *2triang. EAB = P 2 triang..
HCD=2CG. Q. E.D. _

2 Hyp. Si fieri poteft, fit LM — IK. fac
LT =1K; * sitque LS = LTq. ergé LS -
PaNK = LQ.4Q.E. Aergd LM=IK,

coroll,

" Eodem modo qualibet re@angula inter fe.
#quilatera zqualia oftendentur.

LLB,
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LIB. II
Definitiones.

o
g}

A

2Mne parallelogrammum retan
@ gulum A B C D continéri di-’

% citur fub reQis duabus A B,
< .2 AD; quz retum comprehens -
. Py dunt :mgulum.

Luando igituy dicitwr veangulum fib B A,
A D wvel brevitatis causi, vectangulum B A Dy
vel 8 AxAD; (vel Z A pro ZxA ) defignatur
veétangulum, quod continetur [ub BA, & AD ad.
Yeitum angulum conflitutis,.

FE_E __ ¥

A X

11. Inomni parallelogrammo fpatio FHIK
unumquodq; eorum, quz circa diametrum illius
funt, parallelogrammorum, cum duobus comple~
mentis Gnomon vocetur. ut Pgr. FB—+Bl+GA
(EHM) ¢ft Gnomon. item Pgr.FBBI4+-EM.
CGKA )eft Guomon. .

E.a Prop;.
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EUVCLIDIS Elementorsm
) Pror. I. - ‘
[ H Y G Sifuerintdusvelialinee
| AB, AF, fecetirqueip/a—
vum altera A B in quot-
cunque fegmenta AD,DE,

-

: A D E BCEB: reciangulum compye-

benfiem [ub sllis duabus re=

Gtis lineis AB, A F, aquale eft eis, que [fub in-

feita AF, & quolibet f;;mentm&m AD,DE,
E B compraeenduntur vectangulis. o

aStatue AF,. perpendicularem ad AB. 2 per

F duc-infinitam FG perpendicularem ad AF.

#Ex D, E,B erige perpendiculares DH, EI,
B G. Erit AG: retangulum {ub AF, AB, &
beft zquale re&tangulis AH, DI, EG, hoc eft
{quia DH, EI, AF c©pares [u.ut()‘ re&angu-
lis fub AF, AD; fub AE,DE; fub AF,EB.
QE.D. :

Schet, :
Propofitiones decem prima fiujus libi valene:
etiam in numeris. Rieliquas quilibet tyro exami-
aet. pro hac, fit AF 6, & AB 12, fefus in
AD s, DE 3, & EB.4. Eftque 6x12(AG)
=72, 6x5 (AH ) =30. 6 in3 ( DI )=18.
denique 6x4 ( E G ) =24. Liquet verd
390-r18424=72.

Pror. I1. .
. . Si relta linea Z.
A e Jecla” fir wtcunque 3
B . veftangmla , que [ish
‘tota L, quohbcr
[egmentorum B, B comprehenduniur, aqualia [unt
a, guod i tota Z fit, quadiato. .
Dico Z A+Z E=2q. Nam fume Dzf¥,
* Eftque BA+BE=BZ; hoc eft {ob-B=Z)’
ZA42E=Zq. QE.D.. . Prows.




'Lih;5 & A ‘ T
Pror. 111

] Si rela linta Z felta
- t wicunque 3 vectangm-
- ‘7{— E 'fum fub tota Z f”%
) . _uno fegmenterwm B com-
- prebenfum, aquale eft illi, quod [ub [egmentis A,B
. Y comprebenditur, veiangulo, & illi quod & praditte
~ fegmento B defcribitur, quadrate. L
Dico. ZE=AE—+Eq. 3 Nam EZ=EA-p a 1.2

E E.
Pror. 1V,

« Sirelia linea Z fe=

@ €ta fit wicunque; Qua-

o E dratum, quod i tota Z

» oy - & firibitur, equae eft,

L& ’.”"" que 2 [ogmentis A, E defcribuntur qua~

dvatis, & ey quod bis i fegmentis AE compre=
kenditur, vectangulo, _

Dico Zqz=Aq—+Eq.2 AE:Nam ZA=Aq 2 3. &
AE.*& ZE=Eq+ AE. quum igitur Z A
ZE*=Zq, terit Zq=Aq—+EqQ—+ 2 AE. b2 2
Q.E.D. ] C L4k

= F D  Aliter. Super AB fac -
: uadratum AD, cujus

iameter EB. per divi-

G fionis punlftum C duc
perpendicularem CF; &
H 1 per G duc HI parall

A AB.

cB Quoniam ang. EHG=A i
reQus eft, & AEB dfemireQus, ¢ erit reliquus d 4.Cor-33.14
HGE etiam femire@tus. Ergd-HEA=HGs= § 3*-©
EFF=AC. bproinde HF quadratumeft reCte & 3, 'y,
AC. ecodem modo CI eft CBq.ergé AG,GD E 29, def. T
reftangula funt fub A C, C B. Quace totum K 19, &%, %o
quadratum AD ¥ = ACq -+ CBq - 2- ACB.
QED, . .

E3 gorell,
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EVCLIDIS Elementorums
corol,

1. Hinc liquet parallelogrammacirca diame=
trum quadrati effe quadrata.
. 2. Item diametrum cujusvis quadrati cjus an=-
gulos bifecare, o A

3. Si A==} Z; erit Zq—=4 Aq, & Ag=%Zq.
item é contra, fi Zq=4 Aq. erit A=}Z, R

Pror. V. 7
— by Siyeftalinea
A - Q D B AB. fecetnr in

; . aqualia A C,
CB, & non aqualia AD, DB, vellangulum [ub
inaqualibys [egmentis A D, D B compichenfune,
una cum quadsato, quod fit ab intermedia [oitie-
niem CD, aquale ef ei, quod i dimidia CB de-~
Juribitur, quadyato. E

Dico CBe=A D p+CDag.

C Bq
Zquantur *CDq+CDB+-DBg+CDB
enim ifta
CDy+4ADB, -

Scholium.

B .Si AB aliter

. € E D ¥ dividawr, propi-

’ - us {cilicet punéto
bifettionis, in E; dico AEBc—ADB.

. Nam: AEB*=CBq—CEq. & ADB*=CBq
—CDaq. ergé quum CDqcCEq, erit AEB
ADB. Q.E. D. _

Covoll. ’

Hinc ADq+ DBq e~ AEqQ . EBg. Nam
ADq+DBq +2 ADB* =ABq*=AEq+EBq
—+2 AEB. ergd quum 2 AEBc— 2 ADB,eric
ADq+DBg—AEqQ+EBq. Q. E.D.

Unde 2. ADq -4 DBq — AE€* —+ EBq=a
AEP—2 ADB.

Proer.

¢

CDq—+-*CBD(-ACxBD)+CDg .

e e ——————



Liber 71, : 43

Prop. VI o
- A i yeffs linta A
&\// E bifzviam fecetwr, o

“#lli veta quapiam li-
nea B indireStum adjiciaturs veclangulum compre-
benfum fub tot2 cum adjeéta ( fub. ALE), &~ gda
~ Jelta B, una cum quadrato,quod i dimdia % A, -
®quale eft quadrato a linea , qua tum ex dimidia,- .
t Zum ex adjecta componitur, tanguam ab una & Ay
: E deferipto.
]

Dico £ Aq(*Q.5A) +AE4+Eq=Q.lA 2 4 & 3.,
+B.*NamQ.} A:‘QE.:}‘Aq_..Eq_rA%* Cor. 4.3,

Coroll,

Hinc fi tres re@z B, E+1A,E4A fintin
proportione Arithmetica, retangulum fub ex-
tremis E, E-+A contentum, uni cum quadra-
to excefsiis § A , zquale erit quadrato mediz
E—+3 A ’ '

Pror, VII.

‘ Si velta linea Z fo-
RN celui wtamnque; Quod
A YTE  atota Z,quidguc b
©« uno [fegmentorum B,

wtraque fimul quadvata, equalia funt illiy quod bis .
fub totaZ, s ditto fegmento B comprebenditur,
rectangulo, & illi, quod- 4 reliquo [egmente A fir,

wadvato. i
Dico Zq+Eq=2 ZE~+Aq. NamZg*=Aq a 4 2.
“+Bq-+2 AE. & 2 ZEb=2 Eq-+2AE. b3 3

. Coyoll. .
~ Hinc,quadratum differentiz duarum quarum-
cunque linearum Z, B, ®quale eft quadratis u-
triusque minds duplo refangulo fub ipfis. - ¢y, 5, g
- §Nam Zg-pFqe2 ZE=AQ=Q Z—E. 3. an
- B4 Prop,
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27 % &

3. ax.
b.{- 3,

2 4. 3.
b byp.

€ 7. 2.
4 3, 4x,

a‘s %
b Co, 4, 3,
C 4 2

EUVCLIDIS Elementorim
Paor, VIIL
) Sivelta linea Z fe-
/—Z:r\ cetur utcunquesrecFan—
A E  gudum quater compre~
benfum fub tora Z, & uno [egmentorum E., cam e,

quod & relique [egmento A fit, quadvate, equale eft
&, quod i tota L, < ditto [egmento B, tanquam ab

“ana ligea Z—B deferibitur, quadrato.

Dico 4 ZE-I-A‘{:Q_Z—\-B- Nam 2 ZB2—
Z94Eq—Aq. ergo 4 ZE~+ A=Zq-+Eq— 2
Pror. 1X.
| Do e eits  Si telia Einca
A QD b AB fecetwr in a-
L - qualia AC, CB,
& non equalia AD, DB. quadrata, que ab inequa-
Uibus totins fegmentss AD, DB fiunt, fimul dupli=

Gafunt, & ejus , quod % dimidia A C, & ejus,

quod ab intermedia fectionum CD fit, quadyats,
Dico ADq+DB3=2 ACq~2 CDq. Nam
ADq+.DB¢=ACq-+CDq~+3 ACD-DBq.
atqui 2 ACD (b2 BCD 2)-4- DBq=CBq
(ACq) 49CDq ergd ADy+DBq=:ACq
~v2CDg . E.D.
‘Prop. X. o :
’ 2 , Siveitalinea A fece-
NEA 7 E - tur bifaviam, adjiciacwr
T antem e in veStum qua-
piam linea; Quod i tora
A cumadiunita B, <> quod ab adjunita B, utraque
fimul quadrasa, duplicia funt & equs, quod i di-
midia 3 A; & ejus, quod & compofita ex dimidia,
& adjunila, tanguam ab una 5 A= E, deferiptam
eft, quadvati. ' '

" Dico Eq—+Q. A—+E, hoc eft* Aq+2Eq2
AE=2Q;1A-+2Q,  A+E. Nam 2QJ4A®
=iAq &2 Qg AfrB‘:iAq.rqua-Pz AE-

. n ° L]

~

v




Liber I1I. 43
Pror, X1I.

'd B Datam vectam li
/’ neam AB fecarein
0 ﬁﬁ G, ut compreber-
) . 1fum fub tota AB,
. , l & dtero fegmento-
, i v4m BG rectangu-
~N lum, aqudle fit ei,
. % queda veliquo feg-
,' . mento AG fit, quadyato,
' Super A B*deleribe quadracum A €. latus & 46. 1.
AD P bifecain E. duc EB, ex EA produ&aca- b 10.1,
pe E F=E B. ad AF * flarue quadratum A H.
: Erit AH=ABxBG. _ -
Nam protra®3 HG 2d I; ReQang, DH¢ -
- EAQ°=EFq“=EBq"=BAq...EAq. ergd DH ¢ 6. 2.
.~ £=BAq4=quad. AC. fubtrahe commune A I; ﬂ “"‘ﬁ'; !
© fremanet qud. AH=GC;4id ¢t AGq=ABx § 17..."
' BG.QE.F.

Scholium.
: Hac Propofitio numeris explicari nequit ® vid 6, 13
" * neque enim ullus numerus it fecari poteft, uc
. produ®um ex toto in partem unam zquale fit
! quadrato partis reliquae.

. Pror. XII. .

] In amblygoniss triangulis ABC
‘ guadratum , quod fit & laere

A C angulum obtufum ABC

Jubtendente, majus eft quadratis,

< que fiunt & lateribus AB, BC

obtnfium angulum A B C com-

prebendentibus , rectangulo bis comprebenfo, & ab

uns laterum B C, que [unt circa obtufim angulum

ABC, in quod, cum protraitum fuerit,cadit per=

pendicularis AD,& ab affumpta exterius linea BD

fub perpendiculari A D pioje angulum o5uum

ABC. Dice



2 47,1,
b 4. 3,
€ 47. 1.

a47. L
b7 2.

€ 471

EUVCLID1S Elementornm

Bico ACq=.CBq+ ABq+2CBx B D,
Nam iftaC  ACq.
zqualia_)* CDq —+ AD3.
funt in-")" CBqw 2 CBD —+ BDq+.ADq
ter fe CBy+2CBD ¢ v ABq.

- Schol.

s Hinc, cognitis lateribus trianguli obtufanguli

ABC, facile invenientur tum fegmentum BD inser
perpradicularem A D, & aln:u/ﬁm angulum A B C
nterceptum, tm ipfa perpendicularis A D. _

Sic;SitAC 10, AB 7,CB §; unde ACq 100,
ABq49,CBq 25. Proinde ABq + CBq== 74.
hunc deme ex 100, manet 26 pro 2 CBD. unde

- CBD erit 13. hunc divide per'C B 5, provenit

2% pro BD, quare A D invenitur per 47, 1.

.. Pror.XIIL .
A Inoxygoniis triangulis ABC
quadratum & latere AB angu~
iwm acutum ACB fubtendente,
miniis efb quadyatis, que fiunt @
¢ lateribus AC, C B dcutum an=
. ") “gulum A C B comprebendenti~
bus, reStangulo bis comprebenfo,
& abuno laterumd BC, que funt circa acutum ane
gulum ACB, inquod perpendicilaris AD cadit, &
b affumpta tatevius linea DC fub perpendiculari
A D, prope angulusm acutum A C B. ’
. DicoACq+ BCqg= ABq+ 2BCD. -
A Cq+ B Cq. ,
Nam zquan- )* AD g4 DCq 4 B Cg.
turifta ") A Dq BDg . 2BCD
fABQ+ 2BCD.

.. ) corol, .
. Hinc etiam cognitis Latcribus trianguli ABC,
anvenire oft tain fegmentum D C inter perpendiculas
fem




>N

Liber II. %7
vem A D, & acutum angulum A B C intevceptum, ’
awim ipfam pevpendiculairem A'B,

Sit AB13,AC 15,B C 14, Detrahe A Bq
( 169) ex ACq —+ BCqhoceftex 1254 196
== 431;remanet 242 pro ¢+ BCD 3 unde ECD
erit 126, hunc dividepes B C 14, provenit 9
proDC, unde AD=4/: 23§ _81=12.

. Pror. X1V. ‘

A MK . H
‘\C\ - D /67}1,‘
. . TR

B
Date reifilines A aquale quadraum ML in-
wenires :

a Fac rectangulun D B= A, cujus majus la~ 2745, 1,
tus DC produc ad F, ita ut CF=CB. bBi- b 0.2,
feca DF in G, quo centroad intervallum GF
defcribe citculum F H D, producatur CB, do- . .
nec occurrat circumferentiz in H. Erit CHq=* 46. 1,
*ML=A R confir.

Ducatur enim GH. Eftque Ae= DB¢ = d 5;";3'
DCF4=GFqw GCy*= HCqc=ML ¢ 4v.1. &
QE.F, .- 3%

LIB.
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LIB. IIL

Definstiones.
< F -
udles circali ( GABC,
D E F) funt, quoram dia-

@ meni funt 2quales, vel quo-
§ fum qua ex centris refte Ji-
& nez GA, HD, funt zquales,

IT. Refa linea AB cir-
culum FED tangere dici.
tur, qu2 clim circulum tan-
gat, {1 producatur circulum
non fecat, )

Re@a F G fecar ciscu-
D lum FED, o

111. Circuli DAC, ABE ( item FBG;,
ABE) fe mutu tangere dicuntur, quj fe mutud
tangentes {efe mutué non fecant, :

Cicculus BEG'fecat circulum FGH,

U L
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Liber 1IT, T

F 2 JIV. In circulo

B GABD aqualiter di.
flare é& centro dicun=

tur refle lineg F H
KL, ciim perpendi

N Mcula;es Gﬁfgg]e:a;
3 centro G in iplas

D E L — les. Longils autem
. abeffe {lla BC dicitur,
in qu ammajor perpendicularis GI cadit,

B . V.- Segmentnm
circuli ( ALC) &ft
¢ figura , qua- fab
& re@a linea AC,
& circuli peripheria
ABC comprehendi-
tur. :

5 .

V1. Segmenti autem angulus ( CAB) cft,
qui fub reda linea CA, & circuli péripheria AB

A

comprehenditur. -
I1. Infegmento autem (ABC) an%ulhs_

(ABC) eft, cim in fegmenti periphoria umhe
ptum fuesit quodpiam punétum B, & ab fllo in

terminos redz ejus linez AC, qua fegmenti-

bafis eft, adjunéta fuerint re@z lintz AB, CB,

is inquamangulus ABC ab adjun@is illis lincis

AB, CB comprehenfus. . .
VIIL Cim verd comprehendentes anga-

/C ducuntur, funt 2qua- .

Jum ABC, re@z linez AB , BC aliquam afle- ="~ ©

munt peripheriam ADC, illi angulus ABC in~

ﬁﬁm diciwrg

F AX. 3e



§0 EVCLIDIS Elementorum

. - B - IX. Seftor autem circuli
_(ADB) eft,cim ad ipfius cir-
culi centrum D conftiturus fu-
erit. angulus ADB; compre-
henfa nimjrum figura ADB.
& A re@islineis AD, BD an-
gulum contiaentibus, & 3 pe-
ripheria AB ab illis afflumpta,

| A‘H'i\_ﬂ/r-

. X. Similia circuli fegmenta (ABC, DEF)
funt, quz angulos (ABC, DEF) capiunt 2-

- . quales; aut in quibus anguli ABC, DEF inter
¢ funt zquales.

Prop. 1.

Dati cirewli ABC
centvum ¥ repevire.

Duc in circulo re-
&am AC utcung;,quam
bifeca in E. per E due

ndicularé DB.hanc

ifecain F.erit F centri,

- Si negas , centrum

e ‘ © efto G, extra re&am

¥ D . DB (nam in éa effe nop

o ’ - potett, chm ubig; extra

F dividatur inzqualiter ) ducantirque G A,

a15. def. 1. GC, GE. Vis G centrum effe; 2 ergo GA =

- GC; & perconftr, AE = EC, laws verd GE

bs def. v, Commune eft; bergd anguli GEA, GEC pares,

d 11, s, S Ccproinde reifua, dergd ang. GEC =FEC
€9 ax, t‘&o e_QEn A' - “

Coroll.

A
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Liber I1I1..
Coroll,

Hine, i in circulo re&aaliqua linea BD ali-

st

quam reétam lineam AC bifaridm & ad angulos

rectos fecet, in fecante BD erit centrum,

Facillimé per normam invenitur centrim vertice
Q_ad circumferentiam applicato. Si enim reQa

- mezlatera Q D, QE peripheriam fecant, bifece-"
turin A , erit j\%atmm. Demonftratio pen-
det ex 3 1. hujus, . :

SR -Prop,. IL o

Si in cireuli CAB periphes

via duo qualibet punita, A,

B accepta fuerint, relaNinea
AB, que ad ipfa puntta ad-
jungituy 5 intra circulum ¢ae
ele I '

¥ Accipe in reta AB quod«
vis pun&um D, & excentro Cduc CA, CD,

CB. & quoniam CA* = CB,berit ang. A =

Andr, Tacq.

f * DE jungehs pun&a D, & B, in quibus nore

B. Sed ang. CDB = Asergdang, CDBe§ ;","f ]
B.d ergd CB £~ CD. atqui CB tantiim pectin- ¢ i6. 1,
git ex centro ad circumferentiam; crggCD'go. diy. 1,

ufque non pertingit. ergd pun@um D eft imra
circulum, Idémque oftendetur de quovis alio
pun8o re@z AB. Totaigitur AB cadic-intra
circulum, QE. 'D!, ‘

[ogehulinio s Ay o4

F 2 kaII.



' 52 EUCLIDIS Elementorsm
' - Corol. .
Hinc, Reéta circulum. tangens ,“itd ut eum
non fecet, in unico purcto tangit,

Pror, IIL

" Si incirculo EABC
.veita quadam linea BD 4
per centrum cx e [a
quandam AC non per
Lentyum extenfam bifa-
“viam fecety (in F) &~
ad angulos retos ipfim
C 7
Jecdbit 3 & fi ad angu-
- los velos eam fecet, bi-
faviim quogue san¥ fe-
. cabfr. - .
.. Excentro E dicantu: BA, BC. -
a byp. - 3. Hyp. Quonjamy AF * = PC,& EA’=EC,
b 5. def. 1. latitsq; EF communeeft , © erunranguli EFA,
£ i > EFC pares, & d confequenter reti. Q B.D. -
2 pordf-t. 3. Hyp. Quoniamag EFA=EFC,& ang,
13, ax. EAF f= ECF, latdsque EF commune, $erit
; s.x  AF=FC. Bilea elbigiur AC. QE.D\

o ':g;a’nl?.. / 2 4
Hisc, in triahi§ quovis gquilareto & Ifos
feele linea ab angulo verticis bifecaris bafim, pers
pendicularis _eft bafi, & coned p_eryendicug'!l
;apangulo-venicis‘b.ifegtt_baﬁm. e
T A : Prow. 1V, ‘ .
N, Siindivals ACD
O dua riétalinea AB,CDY
Jefe mutu (ecent non per
centium B extenfa o fofe
i vcud bifaiim non fecu=
is b »1[: . i : o
< e - Nam Gum per cen-
C ) T otrem




. Liber I1L 83,
trum tranfeat, patet hanc non bifecari ab altera,
quz ex hyp. per centrum non tranfit. :
" Si neutra per centrum tranfir, ex E centro
duc EF. Si.jam amb2z AB; CD forent bifectx

in F,anguli EFB, EED 2 ambo effent recti, & ; ; 3

proinde zquales. > Q. E. A. , . =

Pror. V.

.- 8§ dwo cirenli

BAC, BDC fef2
Lo fecemty non
e it illorum idem
cen'rum E. )

Alids enim du-. .

&is ex communi
centro E reQis
EB, EDA, effere .
ED *= gB a= 315 'kf-‘l‘-
EA/* Q. E. A, b s ar.

Pror. VI . §

B ~ S dus circuli BAC, -
BDGE, fefe mutus interiis .
sangart (in B) eomum von-

. critsdemeewrum E. -

A Alids dultis ex centro
Fre&is FB, FDA, effent
FD : = FB ?= FA, 2 15- defosi.
» Q,F‘ N. . 'b 9. ax, .

[

e 4

F3 ProOP. )



[ "EVCLIDIS Elementorsm
Pxor. VII

Si in AB diame=
tro circuli quedpiam
Jumatur punttum G,
quod circyli contrum
non fit,.ab coq; pun-
0 3 crculum qua-
dam.  velle lince
GC, GD, GEa-
dunt; maxisa qui-
o dam evit ea (GA)

- . in qua centrum F,

minima verd veliqua GB.' aligrum verd illiy que per
centrum ducitery propinquior GC remotiore GD
[emper ‘major eft. Due autem folum velte linte
GE GH equales ab eodem puntio in circulum ca-
dunt(,; ad utrafque partes mimma GB, vel maxi-

: me GA.
223t Ex centro F duc re@as FC, FD, FE; & 2 fac
ang, BFH = BFE. -
a 20, 1, 1. GF & FC (hoc et GA): =G C.

. . E. D.
b 15.def 1. - 2. Latus FG commune eft, & FC *=FD,
¢ 9. ax.  arque ang. GFC ‘=~ GFD 4 ergé baf. GC
424  ~'GD. Q. E D

e 20,1, 3. FB (FE) ;-—,l GB —+ GF. ergo akl 4
fs.ax. to communi FQ € remanet BG = EG.
Q. B. D. S S

4. Latus FG commune eft, & FE =FH;

emftr.  atqueang. BFH $=BFE. "ergé GE=GH.
4% Quddverd nullaalia GD ex pun&o G zque-
tur ipi GE , vel GH, jamjam oftenfum ‘eft.

QE. D.

' Pxopr.




. Liber 111, 58
' Pror. VIIIL | )
St extra cricy-
lum fumatur pun- -
- Chum quodpiam A,
ab coque puntio ad
sirculum deducan-
tut quadam linea
Al, AN, AG,
AR, quarum una
quidem AY per cen-
tium K protenda-
- tur , relique verd
ut libely in cavam
peviperian cadem-
tium reftayum lin>~ .
awm maxima qi- -
dem.eff la Ay
qyt per :mmm ducetur s alunm nmaa ei que pey
sentrum tranfit propinquior 'AH rematiore AG fim-
per major cft. In comvexam ver) pmpnerum ca-
dentium vectarum linearum minima quitem cft illa
AB, que inter puntium A, @-dwvelrm Blin-
1crpom'ur, aliaruns autem ea, qua ct mz,.:m pro-
pinguior AC remotiore AD [emper miner ¢t Duz
autem tantin vecla linee AC, AL wqualcs 4t co
punito in ipfen coveulum cadunt 5 ad utquw pare
tes minime AB, vel maxima Al
" Excentro K duc reftas KH, KG, KF; KC,
KD, KE. & facang. AKL = AKC :

T 1, Al (AK—&-KH) cc AHLQ E. D. az0 1.
3. Latus AK communeeft; & KH =KG; .
atque anz. AKH o AKG. "crvo bafi AH = b 24. 1.

AG. Q E. D.
3. KA ‘1K(‘_4.CA aufer hinc mdc x-€ 30, 1.
quales KC, KB, ¢erit AB 5 AC. d 5. ax.
4. AC - CK ¢ -3AD +DK. aufct;“ I.
hinc_indé =zquales CK, DK feit AC—a " 3 o™
AD, Q_E. D.
Fa 5. Latus



§6 EUCLIDIS Elementorsm

‘ §. Latus KA eft commune &KL =K C;
eonfi. atque ang, AKL5=AKC,bergdLA=
41 CA. hifce vero nulla alia aquatur, ex mox

oftenfss. ergo, &c.

Prop, IX. .

Siinciveulo B CK acce~
B pwm fueiit puncium aliquod
A, & ab eopuntle ad circu-
luum cadant plurcs, quam due
veite linea agudes A B,
AC, A K, deceptum pun-
Gum A centrum eft ipfius

C cirenli,
Nam * 3 nullo pun&o
ars3 extra centrum plures quim duz re&tz linez -
quales duci poflunt ad circumferentiam, Ergd A

cft centrum, Q. B. D.

Pror. X. :
N CirculsIAKBL
A circulum IEKEF ¥
in pluribus quins
X duogus punctis non
fecat, :

Secet, fi fieri
poteft, in tribus

bt |

undz IK KL.
bifecentur in M.
& N. 2.Ambo
circuli centrun

- habent in fingulis perpendicularibus MC, NH;

v
¥ 3

wqv

- A Y
& proinde in carum interfetione O. ergo fe- .

cantes circuli idem centram habent. * Q. F. N.

ProPr.

undtis I K L.




A 3y 7

Liber 111, §7.

Pror. XI,

Zay - 84 duo - civculs
GADE, FABC
fefe intus “contin-

, atque atcepla
eorum- cenv

#aG, ¥ ad eo-
g centya adjun-
. aretatineaFQ,
<& produsta,in .
contaitum civgulo- -
. v cadet.

. 8i Geri poteft, reQa F G protrafta {ecet cir-.
eulos extra conta@tum A, fig ut non FGA, fed
EGDB fit refta linea. diicaturG A. Et quia
GD*=GA&GB>1G A,/cimrela FGB a 15, def. 1.
seanfeat per F centrum majoris circuld) erit GB b 7. ..
= GD. fQE-‘A. € 9.ax.

Pror. XII.

" Siduocireuli ACD, BCE Jefrexteriis contin- -
gant,linea vecta AB que ?;iqm ”j‘!‘;’?ng; Bad-.
o Juagitur, per contactum C tranfbit..
i fieri poteft, fit re®ta ADEB. fecans Gircnlos
extra contalum C in punis DJE. D:c AC, © ;
CB.crit AD . EB ( AC+.CB) *c-AD- a.20. 1.
EB PQEA. T 7 “b 9. axe

E‘ by anr; .

)



§8 EUCLIDIS Elementorum
Pror. XIIL
A : Circnlus
~ % CAF cr=-
/  culumBATL
- montangitin
pluribuspun-

um A, §

“extra tangat
" 1.Tangar,
4 fierd po:
teft, intus
. 1o pundlis
JAH. 3 er-
G gé, reQta

CB:centna
conne&ens, fi producatur cadet tam j A | quam

2 1L 3.

¢ b s.def 1. in H, Quoniamigitur CH®= CA & BH~ -

¢ 15.def. 1. CH. erit BA (*BH) " CA. ¢ Q.E. A

d 9.axi 2. Sin dicatur exterids contiigere in punftis
€33 B & F, edu@ta re€ta BF in utroque circulo erit.,
Circuli igjtur fe mutad fecant, quod non po-
nitur, s ' '

Pror. X1V,

D Incirude EABC
®quales yella lincam
A€ BD, equditer
diftant i centro B, &
qua AC, BD equali-

quales funt inter fe.

' < P perpendiculares EF,

PR BG: 3 qua bifeccabunt AC, DB. conne@e EA
EB. :

»7 3 1, Hp. AC=3BD, ergd AF* = BG. fed &

.o EA

4

¢lis 5 guim.

' intus, froe

. ter diffant & centro,g=

Ex centro E due




Liber 171 7, ' - $9
EA=EB. ergd FEg ¢ ='EAqQ — AFq =c 4. 1. &
EBy_1:Gq = EGq. dergé FEZEG.Q.E.D, 3.4
2. Hyp. EF= EG.ergd AFq ‘=EAqQ—EFq=d Schol4d.1e
EBq— EGq ‘= GBg. ergd AF 4= GB.c 6. mx,
e proinde AD=BC. Q.E.D. o
Prop. XV. .
Incirculo GABC
maxima quidem lineg
eft diameter AD; ali- -
arum autem centro G
piopinguior FE remg-
tiore BC femper ma-
jor eft. :
1. Duc GB,GC.
Diameter AD ( 3 '5-df
GB—+GC)cBCp 0.1,
Q.E.D _ .
2, Sit diftantja
Gl e GH. accipe GN = GH. per N duc
KL perpend, GI. junge GK, GL. & quia -
. GK= GB, & GL = G‘C; éﬂquc ang.KGL:‘
BGC,cerit KL (FE ) =~ BC. Q. E. D. ¢ a1

Provr. XVI

2 CD

o < F A D nb{cxtrcmi-
- 1 tate diames
. ’ tri HA cu~
jusqs cireuli

E L BALH ad
azgulosreltos

ducttur, ex-

tra ipfi cir=
culumicadet,

& in locum

iater iyfam

‘rectam lize=

am, & pevi-

pleiia com-~

prebeis=




€o

a1,

ks .

EyucCcLIDIS Elementoram.
prebenfium dtera veltalivea AL pon cadet, & fe-

miciveuli guidem angwbms BAL quovis angulo acuto

refiilinee. BAL major eff; reliauns autem DAI
mizor.
1, Bxcentro Bad quodvis pun&um ¥ in re-.
Qs AC ‘duc re@am BF. Latus BF fubtendens.
angulum re@um BAF * majus eft laterc BA,
quod opponitur acutb BE A. ergd cim BA(BG )
pertingat ad circumferentiam, BF ulterits por-
rigetur, adedque pun@um F, & cidem ratiome
qguodvis alivd re@z AC, extra circulum fitnm
erit. Q. E.D. : :
2. Duc BE perpendic. AL, Eatus BA oppofi--
tum re@oangulo BEA ® majus eftlatere BE,
quod acutum BAE fubtendi:: ergd pun&um E,
adedque tota. EA cadit intracirculum. Q. E. Di
3. Hinc fequitur angulum quemvis acutum,
nempe EAD angulo conta&fls DA majorem
elfe. Item angulum quemvis acucum BAL an-
gulo femicirculi BAT minorem efe. Q B.D.

Coroll, .
Hine, reQa X diametri circuli extremitate ad

~ angulos rectos- du@a ipfum circulum tangit, -

Ex hac propofitione paradoxa confequuntnr, &
nirabs.ia grmg multa, qu vide apud interpretes.

Pror, XVIIL .

L ‘E Adaso puntto A rellam -

lizeam K C duceve , gua.
datum circulum DrB:C
tangat. :
Ex D. dati cireuli
centro ad datum pun-
! Gum A ducatyr reQa.
D A fecans_petipheriam
in B, Céntro D defcrie.
be pér A alium circolum,
- AR,

— -




. we d ] I I' . 6!
A Ej & ex B duc perpendicularem ad AD; quz-
occurrat citculo AEin B. duc ED-occarrentem -
circulo BC in C. ex A ad C duita rea ranges . - -
circulum D8BC. . -

« NamDB*=DC,&DE 3= DA, & ang. 2 ;5. defs

D communis eft : Pergéang. ACD =EBW, b ol

red. cergd ACungitcirculum C. Q.EvF, ¢ ¢ 16, 3,
" Pror. XVIIL e

T Siciveulim FEDC

tangat rells quapism

 linea AB, & centvo ay-

tews ad contalium B ad-

jungatur veia quedam

- linea FE ;-qua adjun=

(%a fuerit FB ad ipfam

coptsxgentems AB per-

: ‘G B perdicularis evit..

Si negas, fit. ex- Fcentro alia quaed:fm FG . .
perpendicularis ad contingentem,  fecabit ea cir- 8 2-4ef- 3 .
culum in ©. Qoum igitur ang. FGE refus | . :
dicatur ® erit ang, FEG acutus <, ergd FE o ;o) '7' "
(FD) = FG. $Q.E. A. § o

' Propr. XI‘X_‘. .

A

B Si cirewlum s~
- pigeris vecta qua=.
pim linea AB, .
contaliu cutem C
rcélalinea CE ad’
angulos recios ipfs:
langents excitelur,
in extitata CE
. cutcemtumCirek=. . ¢
St negas, fié cenrumextra CE inF; & ab F.
-ad conta@um ducatr FC. Tgitur ang. FCB ,
reftuscft ; & 2 proinde par angulo ECB reto : 1340
gc;hmh..:Q;E.Ag e L P ST

a




62 EUCLIDIS Elementoram
. Pror. XX,

A A

In-circulo DALC, amgulus BDC ad centrum
duplex eft anguli BAC ad peripheriam , ciim fuerit
cadem peripheria BC bafis amgulorum,

Duc diametrum ADE. _
" Externus angulus B UE 2 =DABD 5 DBA b=

2 32,1, 2DAB. Similiter ang, EOC = 2 WAC. ergd

bs.1 in primo cafu totus BDC =2 BAC; fed in rer- |

¢ ao.qax, tio cafu < reliquus angulus BOC = a2 BAC.
. Q'-E‘ Dl ’
Pror. XXI.

In civenlo EDAC qui in eodem fegmento funt ane
gili, Dac & DB funt.inter fo aguales.
1. (4f, Sifegmentun pase {emicirculo fie
4 majus, ex centro B, duc Ep, 2c. Eritgs 2 ang.
a 30. 3 A= E¥= 2B, Q.E.D.
. z..c:;[. Sin fegmentum femicirculo majus non
fuerit, fumma angulorum tzianguli Ap ¥ 2qua-
b 1y.1.  turfumma angulorom in triangulo Bcx. De-
€ por.s. af. manturhine indé a¥0 b=3Brc, & ADB =
ACB, [GMANCNIDAC S DBC: Q2. Do -

¢

q.
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- Pror. XXIIL. '

Ruadyilatero-
rum ABCD in
circulo deftripte-
vii angali ADC,
ABC,qui ex ad-
verfo, duobus yee
Ctis [unt equales,

Duc C,BD.
Ang. ABC
BCA +BAC?a 31, 1.
=12 Re&. Sed °
: BDA*=BCA, b 1. 3.
&‘BDS‘:BAC.%’gb ABCHADC=2Rc&, ¢ 1. #x.
Q.E.D. . v .

 Loroll,

1. Hinc,fi * AB unum latus quadrilateri * vid.fre -
in circulo defcripti producatur, erit angu- “4"4™
lus externus EBC =qualis angulo interno
ADC, qui opponirur ¢i ABC, qui cft dein-
ceps externo EBC., ut patetex 13.1, & 3.ax,

2. Item circa Rhombum circulus deferibi ne-
quit 3 quia adverfi ejus anguli vel cedunt duabus
re@is, vel cos'excedunt.

S§CHOL,
E " Si in quadii-
7% lateys  ABCD
MgullﬂA,& C,

qui ex adveifo,
- anabus vetis a=
quantur , circa
" quadvilaievuin
cisculus defiribi
ot ff.
b Iﬁam cir;lu-
fus per quofli- -
lus per que bet

Ga

-——
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a 23, 3.
b by,

C 3. ax.
d 23, 1,

& ro. def.3.
b1& 1.

a.33 3.

b ro. 3.
&8 ax, |

- ) .
EUCLIDIS Elementornm

bet tres angulos B,C,D transibit ( ut patebit ex
§.4. Ydico eundem per A tranfire.Nam fi n es,

tranfeat per F. ergd dudtis re&is BF,FD,BDj.
ang. C—+F *=3 Re@t. b5C—+-A < quare A—F. _

{QE. A,

Pror. XXIIL -

Super eadem re-
flalinea AC dyo
cigeulorii fogmei

¢ 4 ABC, ADC.
" fimilia & inequa-

tin won conflitueniur ad eafdem paries:

. Nam fi dicantur fimilia, duc CB fecantem-

circumferentias in D, & B, & junge AD,a¢

AB. Quia fegmenta ponuntur fimilia, 2 erit ang.

ts fuperpofita
' ' AD ‘(F baﬁ:ElF ei
congruet, quia AC:=DF. . ergd. tm
AB%:t cong?uc: fegmento DE% Cf;l%'as «enfm
aut intra cadet, qut qxura, * atque itd- fegmen-.
tanon erunt fimilia, contra Hyp. aut faltem .

rtim intra, partim extra,ade6que ipfum in eri.

us punétis fecabit. ® Q, E. A. ) ¢proinde fe-.
gucoum ABCEDEF, Q.E.D,.
o T .Baors.

+

ADC=ABC’ Q. E. A.
.. Proe. XXIV. -~
) Super a--
’ qualibs yectis
: lineis A C,
' -DF fimilia
BN A ' . CITCHlO7R foo
. <D gmEtaABC,
E E_ G DEF funs:
. wter fe g--
/ qualia,
Bafis AC.

!
5




Liber 111~ ‘ 63
‘Pror. XXV. .
Civenli frgmiente
ABC date , defivi-
bere circulum , cujus
eft fegmentum.
Subtendantur ut-
ounque duz refa
- AB, B, quas bi-
feca in D, & E. Ex D, & E due perpendicu-
‘Jares DF, EF occurrentes in puncto ¥. Hoc
erit centrum circuli, :
Nam centrum * tsm in DE , quim in EF a (1.3,
exiftit. ergd in communi pun@o F. Q.E. F.
. Pror. XXVI

In equalibus civeulis GABCHDEF equales gn-
gwli equalibus peripberiss AC, DE in’funt, ffve ad
centva G,H,fve ad peripber.B,E conflituti infiftant.
Ob circulorum zqualitatem, eft GA=HD,
& GC = HF item per hyp. ang. G=H.
3ergd AC=DF. Sed & ang. Bb =1 G=cL 3 4 I
&IP=E. dergo fegmenta ABC, DEF fimili b ;’; 3.

3, ¢

¢ & proinde paria funt. f ergd etiam reliquafe- d o,
gmenta AC, DF zqummr.g Q.E.D. Bl ¢ :: :.'ﬁ >
Scholium. £ 34
A D Incirculo ARCD, fit ar-
'\ cus AB pararcui DC; erit
AD parall. EC. Nam du&d -
A AC,eritang. ACE=CAD. , 26
B cquare-perGﬂ.x.&:. ‘3

3 Pror.



66 EUCLIDIS Elemensorsm.

Propr. XXVII.
In equali-

bus cmulu
GABC,
HDE F,m-
. euli g £~
quahbu: pe-
C D F vipberiis AC

DF in-
ﬁmt, [unt inter fe. equale:, five ad centra G,H,
fve ad peripherias B, & conflituii infifiant.
26 Nam fi fieri poteft, fit alter eorum AGCr_-,
H by *  DHF. ﬁatque AGI=DHE. épgd arcus
< 9.ax. ADP=DF'=AC.<Q.E.A.

SCHOL, :
a ) Linca rella
A _ [ EF, qee dudta
A/ ex A medio prn-
G\ &lo peripherig a-
licujus BC cir-
culwn  tangit o
pamllela eft re-
éte lince RC,
que pevipheriam
$llam fubtcndi:._
Duc & centro’
D ad conta-
&um A re&am DA & conne&e DB, DC:
Latus DG commune eft; & DB__DC, atq,

a27.3.  ang. RDA’=CDA (ob arcus BA, CA * -

L”ZP‘ quales ) cergd anguli ad bafim DGE, DGC

d 10. ;, fi. % uales & 4 proinde re@i funt. Sed interni an=

e by, o guli GAR, GAF ¢ etiam rei funt, fergd BC,
2

8 1. EF funt parallelz. QE.D.

Prom.




Liber 11T 67
Pror. XXVIIL

. ‘ In aquilie
bus  civeulia
GABC,
. HDEF o
4 quales yella
¢ i/ F linee AC
-» ° " DF aquales
C  peripherias aufersint, majorem guidem ABC ma-

-

3

ori DEF, minovem autem AIC minovi DKF,
y B centr’is, G, H duc GA, GC; & HD,HF.
Quoniam GA=HD, & GC=HF, atque

= AC3=DF; berit ang. G==H. cergdarcus 2 by,

; AIC=DKE. ¢proinde reliquus ABCE:.DEF.E f" L
> 6 3.
Q.E.D. 1o

Pror. XXIX. ”
In equal-
bus . civonlis
GABC,
HDEF #
quales peripbe-
vias AB C‘
- . " DEF aqu:~
- les velta inea AC, DF fubtendunt.
4 Duc GA, GC; & HD, HF. Quia' GA=
s "HD; & GC=HF; & (ob arcus AC, DF.
2 pares%qt_iam ang.GP=Hj cerit baf, AC=DF. 4 py,
QED - ° . b 27, 3.
Hac & tres proxime pracedentes intelligan< € 4 %+
tur etiam de eodem circulo,

Pror, XXX. o
’ 'Datam peripheriam ABC
’ : 7 bifuriim fecare.
r Duc AC; quam bife-
ca in D, ex D duc per.
D ¢ pendicularem DB oc-
currentem arcui in B. Dico fatum,
G+ Jun-
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Jungantur enim AB, CB. Latus DB com-
a ‘”‘ﬁ,«. - mune eﬂ; &AD‘:DC; &aﬂ.g.ApBb:
b 12, ax. CDB. cergd An=B{. dquare arans AP =
€4t BC. Q. E. F. ‘ :

d 3'8. .3.
Pror. XXXI .-

In civewlo napilimm
ABC, quiin femi-
circulovetus cft, qui
avtem in majore fo~
gmento B AC, mizer

¢ retlo; qui vero in mi-
. nore fegmento BEC,
major £ft veclo. Et in-
Juper angulios majonis
Segments velto qui-
L fom dem m?i" ;2‘#’ mne—
vis aytem [egmenti angdw, minor et veffo, =
Ex centrgmle) duc DB. Quia DB = DA, eyic

as. 1. ang, A * = DBA. pariterang. DCB? == DBC.
b2ax.  bergd ang. ABC = A .+ ACB <=EBC,
§3 ;;ﬁ .. 4proinde ABC, & EBCre@i foat. Q.E. Dt

" ¢ergd BAC acutus eft. QE. D. ergd cim
£12.3,  BAC = BFCf= 2 Re@. erit BFC_ obtufus.

denique angulus fub reGta CB, & arcu BAC .

major eft re@to ABC. falusverd fubCB , &
BFC pcrighcria minoris fegmenti , ‘reflo EBC
g9 o Sminarel QED. S

SCHOLIVUM. - -

- In timgulo veStangwlo ABC 5 ff bypotenufs .
AC bifecetur in D, circulus centro D s per A de~ .

[feriptus tran/ibit per B. wt facilé ipfe demonftra~
bisex hac, & 21. 1. | B

Pronr.
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Pror. XX X1II
St circulam teth- -
gtiit alig yel¥a li-
wea AB, a contalln

© akte producatar que- |

.dam veéta linea CB
F circuium fecans: an-

guli ECB, ECA,
guos  ad contingen-
-tem facit , - aquales
» Jans iis, quii in dlter-
- A€ B wis chveull fegmentis
oonfiftunt , angutis BDC ,BFC. v )

- Sit CDlatus anguli EDC perpendicularead
AB ( * perinde eniga eft ) bergo CD eft dia- . L T
meter. <ergd ang. CED in femicirculo re@tus ;f : 33'
eft. d ergd ang. D DCF=Re&. *=ECB -+ g 3., 7,
DCE. fergo ang. D =tCB. Q. E. D. ¢ conpr. .

Cimigitur ang, BCB + ECA 5= 2 Re&.f 3. ox.
b= D .+ F; aufer hinc inde equales ECB, & § 13- *
D, kremanent ECA=F, Q.E.D. k ;‘;

Pror. XXXIIL -

Supey da-
ta recla li-
nea AB de-

. [tribere cive
culi fegmene
" tum AIEB,
guod capiat
angulii A1B
®qualem da-
v todngule re-
: L. gilinee C.

- 3 Fac ang. BAD = C. Pet A duc AE per-a 23. ©.
pendiculscem. 2d HD.- ad alteum terminum
darm AB ficang. £BF = BAF. cujus akerum
latis fecet AR in F. centro-F per A defcribe
circulum'y quod tianfibic pec B-(quia ang. :‘Eg

. » ) - ,

I

-~
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b confir.
<6, x{*

EVCLIDIS Elsmentorum.
b=FAB, cidedque FB =FA ) ; fegmentum
AIB eft id quod quzritur.,

Nam quiz H. s diametro AE perpendicularis

d cor. 16, 3. €, dtangit HO circulum, quem fecat A B, ergd

e 32, 3.
f sonfir.

217, 3.
b 23. 1.

¢ 32, 3.
d confir,

ang. Alpe = BAD f=C. Q. E. F.
Pror. XX X1V.
A dato circulo

C : AxC figmentum

- - ABC abjcindere

. C < - capiems  angulum

B aqualem date

l anzulo vettilince
) D. .

' 2 Duc reftam

> F EF, qua tangat

datumz’circﬁlum in A.bducatur icem A faciens
ang, FAC = D. Hzcauferet fegmentum ABC
capiens angulum B ¢=CAF4=D, Q.B. F.

Pror. XXXV, .
¢ A

Si in civeulo FBCA due refta linta AB, DC
[efe mutud fecucring 5 relbaipdin comprcbm‘fr@
. 2

~




Liber 111 vig
egmentis AE, BB unins,” equale eff ei quad
%%mm CE, ED dterius mm]rrehmd?wr,
rectangule. .
: cﬁf. 1. Si re@= (efe in centro (ecent, res cla-
ra eft, , ‘ ~
-2, Siuna AB tranfeat per centrum F, & re~
Liquam CD bifecet, duc FD. Eftque Reang, _
AEB 4 FEq *==Yv°q *=FDqc=EDq « ; S. 2.
FEq4 =CED + FEq. ®crgo Retang, AEB c-f;" ‘:3° t.
=CED. Q. E. D. A by
3. Siuna AB diameter fit, alterimque CD e 3. ax.
{ecet inzqualiter, bifeca CO per FG perpendi-
cularem ex centro. .
Reftang. AEB —+ FEq.

_ £ FBq (FDq) fs. 3
fﬂm $§FGq—+GDgq, - B 4T 1
FGq+" GEq+Re&ang,CED. b 5. 3..
kFEq—+ CED. k 47. 1. -
! Ergd Re@ang. AER = CED. L3 e

4. 5i peutra reftarum AB, CO per centrum
‘sranfeaty per interfe@ionis pun@um E duc dia-
metrum GH. Per mddé demonfirata Re@tang.
AEB=GEH=CED. QE.D.

Pror. XXXVI.

8i extra civculum EBC [umatuy punitum ali-
quod D, ab eoque puntto in civculum_cadant dus
veéia linee DA, DB quarwm altera DA mcfulmr
’ . ety



a 18. 3.
b 47 1.

a2 36. 3,

72

EVDCLIDIS Elementorsm
fecet, altera vers DB tanget 5 Quod fub tota fe-
cante DA, & extevids inter puncium D, & con-
vexam pevipheriam affumpeé DC comprebenditur
reltangu'um, aquale erit ¢i, quod & tangente DB
defcribitur, quadrato.

- 1. Caf. Si{ecans AD tranfeat per centrum E,
junge EE; ? faciet hac cum DB reGum angu~
umy quare Diq+ EBQ ( ECq) *= EDq
e=AD xDC+ECqdergd AD x DC =

DBq. Q.E. D. .
z? C:}' Sin AD per centrum non tranfeat,

duc EC,EB, ED; atq; EF perpend. AD, quare
2bijedta eft ACin F. '

woniarm igitur BDQ «+ EBq b=DEqV'=
EFq + FDq¢c=EFq + ADC —+ FCQi=
ALC «+ CEq (BBq); © erit BDg = ADC.
Q E.D.
Corol.

~ 1. Hinc, i 3 punfle
. Quovis A extra circulum-
“ affumpto , plurimae linez
rete AB, AC circulum
fecantes ducantur, re@an-
ula comprehenfa fub totis
ineis AB, AC, & partibus
externis AE, AF interfe
funt #qualia, Nam £§ duca-
tur tangens:ADj erit CAF
T ADqQ*=BAR. -

2. Confleg

J
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2, Conftat etiam duas
* reQas AB, AC ab eodem
A pun&o A du&as, quz cir-

zquales efle. .
MNam fi ducawur AR fe--
cans cirtulum ; erit A

- B c culum tax;‘g,anc, inter fe.

3= FEAF*=ACq. 233

b 36. 3.

]

3. Perfpicuum quoque eft ab eodem pun&to
A extracirculum afumpto, duci tantiim pofle
duas lineas, AB, AC qu circulum tangant.

Nam fi tertia AD tangere dicatur , erit AD

e=AB¢=AC. ¢ Q.F.N. € 2 e

4. E contrd conftat, fi dux re®2 aquales 483
AB, AC ex punfto quopiam A in convexam .
eripheriam incidant , & ecarumuna AB circu-
um tangat, alteram quog; circulum tangere,
Nam fi fieri poteft, non AC, fed altera AD ¢ 2 cor:
circulum tangat. ergd AD ¢ = AC f=AB. f by.

$Q E. A, g & 3
Pror. XXXVIIL
N Si extea civoulum EBF -
[umatur punctum D, ab
A\ eoque in circulum cadant

[ F  duereita linee DA, DB;
‘ quavum dltera DA civcu-
B lum fecet , altera DB ia

cum incidat 5 fit autem

qwod [ub tota fecante DA,

O exterids inter punclum,

&r comvexam pevipheriam

; affumpta DC , comprehen-

diiur vectanguium , aguale ¢ idquod ab mudg;e

I
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a 17. 3.
b byp.

e 36. 3.
d r.ax. &

fh o483,

¢ 8. 1.
f 12 ox.

h 8 1.

ETVCLIDIS Elementornm

DB deferibitur quadrate, incidens ipfa DB cir-
culum tanget. ‘

Ex D 2 ducatur tangens DF ; atque ex E cen=
tro duc ED, EB, EF. Quia DEqb=aDC

¢=DFq, ¢ erit DB=DF. Sed EB = EF, |

& latus ED commune eft 5 © ergo ang. EBD
—EFD. Sed EFD reftus ek, f ergd EBD
etiam reGus eft. $ ergd DB tangit circulum.

" g w163 Q_E. D.

Corell.
Hinc, bang. EDB = EDF,

L1B.
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LIB. IV. "~
Definstiones. A
QAW RA oura redtilines in figura re&ti-
N :;\}f, linea inferibi dicitur, cim fin-
M AR guli ejus figure, que inferibi-

., LS ZL‘// 3
R0 in qua infcribitur, tangunt,
Sic triangulum DEF eft in-

£ feriptum in triangulo ABC.
11, Similiter & figuracir-,
b)) B ¢a figuram deferibi dicitur,

€ clim fingula ejus,quz circums
B F feribitur, latera fingulos ejus
figurz angulos tetigerint, cir-
ca quam illa deferibitur. - .
iti trizgulum ABC eff defcriptum civca
triangulwm DEF. ,

tur, anguli fingula latera cjus

. I1Y. Figurare&ilines in circulo infcribi di-
- citar, clim finguli ¢jus figure , qua infcribitur,
anguli tetigerint circuli peripheriam.

V. Figura ver$ reétilinea circa circalum
defcribi dicitue, ciim fingula latera ejus, quee cit-
eumfcribitur, cirenli peripheriam tangunt,

V. Similiter & cieculus in figura reQilinea
inferibi dicitur, ciim circuli peripheria finguia
latera tangic ejus figura, cui inferibitur.

V1 Cisculus qutem circa figuram deferibi

e Ha dicitur,



76 EUCLIDIS Elementorum
dicitur, chim circuli peripheria fingulcs tangit
¢jus figur, quam circumfcribit, angulos.

\

V1I. Re@alinea in cir-
culo accommodari,feu coa-
prari dicitur, cim -¢jus ex-
trema in circuli peripheria
B fuering; ut reta linca AB.

D

Proe. 1. Probl. 1.

B In dato circule
ABC reitam li-
neams AB accom-
C | modare aquilem
date rete linew
D, qua civculi di-
ame:vo AQ non
fit major. -

a2, poff. Centro A, fpatio AE=D 2 deferibg circulum
& 3. 1. dato circulo occurrentem in B. Erit du@a
LIS def X AR ZsEe=D, QE.F. .

< conﬂt.l )
Pror. IL Probl. 2.

A

Inda-

tocircn-

" loeABC

triangu~

C saBC
* defevi-

b:{; da=
.20 trt=
B | angmlo

‘ ' DEF equiangulum.

a7 1, Re®ta GH circulum datum 3 tangat in A.
b 2. 1. bFacang. HAC=E 5 b & ang. GAB=F, &
junge EC. Dico faGum. Nam

|
i
|
|
|
|

|
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Nam ang. Bc=HAC 4=E; & ang,c 2 3.
‘ C=GAB!=F;  quare etism ang. BAC=D. ¢ «%-
ergd triang. BAC circulo infcriptum triangulo © 3% ™
DEF zquiangulumeft. Q.E.F. -

. - Pror. 1IN Probl. 3.
.. . D
VAN
G : H
i E .F '

\ P

Circa datwm civculum YABC triangulum LNM
defcribere, dato tyiangulo DEF aquiangulim.

Produc latus EF utrinque, * Fac ad centrum a 23. .
I ang. AIB=DEG. & ang. BIC=DFH.
deinde in punéis A, B, C circulum ® tangant b 17. 3.
tres re@tz LN, LM, MN. Dico faGum.

Nan quoéd coibunt reGz LN, LM, MN,
atque jta triangulum conflituent , patet; <quia € 13- 4%
anguli LAY, LRI 4 re&i funt,adedque ducad 18. 3.
ABangulos faciet LAB,LBA duobus re¢tis mi- :
nores. Quoniam igitur ang, AIB -y L ez ¢ Schel3zr,
Re@ f=DEG-+DEF; & AIBS=DEG; beric f 13 -
ang.L=DEF.Simili argumentoang. M=DFE. ﬁ 3. ar.
kerg) etiam ang. N=D. efgo triang. LNM g 32 5,
circulo circumfcriptum dato EDF eft zquian~

v gulum. QE.F.

H3 Provr.
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" Pror. IV. Propl, 4.

In dato trigpa.
gulo ABC cire
c'smbFG ine
feribere.

Duos anzu-
los B, & Cabi-
fecareQis 3D,
CD coeunti-
bus in D. Ex
Dbduc perpen-

diculares DE, DF, DG. circulus centro D per

E defcriptus tranfibit per G, & F, tangétque

tria latera trianguli. ) ‘

s o Nam ang. DBE‘=DBF ; & ang, DEBi=

< ;" :‘- DFB; & latus DB commune eft, ¢ ergd DE=

* ™ DF. Simili argumento DG=DF, circulus igi- ,

tur centto D defcriptus tranfit per B, F,G; &
cum anguli ad E, F,G fint redi, tangit omnia
trianguli latera, Q.B.F. - :

Scholium.

2 9. 1.

b 13, 1.

" Pur.Herig.  Winc, cognitis laseribus tvianguli , invenientis

eorum [egmenia, qua funt i contaltibus circuli in-
feviptia Sic. e _
Sit AB 12, AC 18, BC 16. Erit AR+
BC=18. ex quo fubduc 13=AC=AE~+FC,
remanet 10=BE +BF. ergd BE, vel BF=s.
proinde FC, vel CG=p1. quare GA, vel

o AE=7.

N

Proop, -
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Pror. V. Probl. §.

Circa datum triangulum ABC circwlun FARC
deferigzve,

Latera quevis duo BA, AC ? bileca perpen- P
dicularibus. DF, EF concurrentibus ia F. Hoc * 1% 1%
erit centrum circuli, :

Nam ducantur re&tz FA,FB, FC. Qioniam
AD'=DB; & latus DF commune eft; & ang. b corfi -
FDA ¢ =FDB, derit FB=FA. eodem modo ¢ «uli - &
FC=FA. ergo circuluscentro F per dati tri- ane
anguli angulos B, A, C tranfibit. Q E.F. ¢ % *

Covell.

¥ Hine, fi triangulum fuerit acurangulum, * ;1. ;.
centrum cadet intra triangulum, fi reQangulum,
in"latus re@to angulo oppofitum; fi denique cb-
tulangulum, extra triangulum.

©  Schal. .
Eidem methodo defcribetur cireulus, qui-
tranfear per dara tria pundta, non in una redta

lineg exiflentia. .
. H 4 Pror.



a i X,

b 26 3.
€39, 3.
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d 34. 1.
e 15, def. 1.
f 29, defi 1.

Al

Tt

EUVCLIDIS Elementorum

Prow. VI,. Pighl. 6.
- T dato circul
EABCD gyz
dratum ABCD
inferibere.
2 Duc diame-
~tros AC, BD
fe mutud fecan—
tes ad angulos
B reftos in centro
i E. junge harum
terminos seétis AB, BC, CD, DA. Dico

A

‘faGtum.

Nam quia 4 anguliad B re@i funt, barcus,

& cfubtenfe AB, BC, CD, DA pares funt.

ergd ABCD zquilaterum eft 5 ejisque omnes
anguli in femicirculis, adeSque 4 re&i funt. ¢ er-

g0 AECD eft quadratum, dato circulo infcri- .

ptum. Q. E.F.

Pror. VII. Pl 7.
A__ Circa datum civ-
F a cslum EABCD
quadvatum FHI1G
E defcribere.

.~ Duc diametros
AC, BD fe mu-
tud fecantes per-

ndiculariter, per
R . i:rﬁ extrema *duc

Q tangentes consure
rentes in F, H, T, G. Dico fatum., Nam ob
ulos ad A, & C P retos, ¢ erit FG paralf,

B

an
- HI. codem modo FH parall, GI. ergé FHIG

eft parallelogrammum; & quidem reGtangulum,
fed & xquifaterum, quia FGI=HI4=BDe=
CA‘=FH!=GI. quare FHIG ecft f quadra-
tum, dato circulo circumferiptum. QSEC;OI.

4
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SCHOL

NP adtatum ABCD cirs. .
AE B cu%circum-’criptum du-
\ plum eft quadrari EFGH.
- H F circulo infcripeis
C // D Nam retang. HB =2
G HEP. & HD .2 HGF,
per 43,1,

Pro>». V‘.III. Probl. 8.

A M p I dao g

. drate AECD cur-

/ ulum  IEEGH
i ] : in’cribeve,

L e Latera quadra-

. . ti bifeca in pun-

&is, H,E, F, G,
. junge HF, EG
B -

fefe fecantes in 1.
F c . circulus centzo I
per H defcriptus quadrato inferibetur,

Nam quia AH, BF ?pares ac b paralicle ,, ,, 4.
funt,© erit AB parall. HF f)arall..DC. eodem b 34 1.
modo AD parall. EG pagall. £C. ergd ‘1A, ¢ 33. 1.
1D, 18, IC funt parallelogramma. E-g0
AHY=AE—HI=¢I=IF=IG. Circulus i3i-d 7. 4z,
tur centro I per H defcriprus transibiv pere 34 1.
H, E, F, G, tangétque quadrati latera, cim an-
guli ad H, B, F, G fint redi.. Q.E.E.

) Pren..




82 EUCLID1S Elementorum
Pror. IX. Probl. g.
A Cirea dae
! tum quadra-
tum ABCD
circulumE A=
BCD defevi-
bere.

Duc dis-
metros AC,
BD fecantes
in E. cenyro
Eper Ade-
) fcribe circu-

Ium. Ts dato quadrato circumfcriptus eft.
1 4an33l Nam anguli ABD, & BAC * femiredi funt;
B &L bergd BA = EB. codem modoEA=ED =

EC. Circulus igitur centro E defcripeus per

A,B,C, D dati quadrati angulos tranfit. Q.E.F.

Pror. X. Pril 100

Ifofceles
trtamu-
lum ABD
conflituere,
quod babe=
at utrungs
eorum que
ad bafim
Junt angu~
lorumB &
ADB du-
plum reli~
gwi A,

Accipe
quamvis’
a1ty peftam AB,quamdfecain C,itd wt ABx LC—

ACq. Cenwa A per B ddicribe circulum ABD
: L
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inhoc® accommoda BD = AC, &juhge ADy, 4, 4
erittriang. ABD quod queritur. L :
Nam duc DC; & per CD A <defcribe circu- ¢ 5. 4.

Jum. Quoniam ABx BC = ACq. ¢liquer BD ¢ 37 3

tangerecirculum ACD, quem fecat CD. cer- £ 3% 3-
g9 ang, BDC =A. ergd ang. BDC+CDAI=, 3, .
A 4 CDA=3CD. {ed BDC - CDA=h .1
BDA b =CBD. *ergo ang. BCD=CpD. k 1. ax,
ergs DC'=DB "= AC,* quarcang CDA=! 6 I
A=BDC . ergd ADB = 2z A= ABD. ;"""
QE. F.

Covell.

Chm omnes anguli A, B, D© conficiant § o732.5. .

3 Ret. (2 Re&. ) liquet Acfle § 2 Re&,
. Pror.XI. Pt 1.

C H

In dato circulo ABCDE pentagonum aquilae-
vum <& aquiangulyn ABCDE infcribere. -
» - *Deferibe triangulam Ifofceles FGH, habens
wirumque angulorum ad bafim duplum anguli
ad verticem. ® Huic zquiangulum CAD inlcii-y, , *~
kecirculo. Angulos ad bafim ACD, & ADC
< hifeca retis DB, CE occurrentibus circumfe-
teriz in B, & E. conneltereltas CBBA,AL,
* ED, Dico faGtun, .

2 10 4

c 9.t

Nom

et s oy e = o k4 - EE X 4 TH= s

. e -
- P RN ot
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d 16.3.
€ 29.3.

far.3.
g 3.ax.

Petr, Herig..

EUCLIDIS Elementorsm
Nam,ex confir.liquét quinque angulos CAD,
CDB, BDA, DCE, ECA pares clle; quare 4

arcus* & fubten{z PC, CB, BA, AE, D -

quantur, Pentagonum igitur zquilaterum eft.

Eft verd ctiam a:quiangli’lum, fquia ejus anguli

BAE, AED &c. infiftunt arcubus s zqualibug
BCDE, ABCD, &c. . - T
Hujus problematis praxis facilior tradetur ad
30, 13. '
Coroll.
Hinc, angulus pentagoni xquilateri & 2qui-
anguli[x’quatur} 2Re&. vel £ Rett..

. Schol.. .

Tuiver[diter figura impavikm lateruminfevibune

tur circulo beneficio triangulorum Ifofielinm, qno-

yum anguli aquales ad bafim multiplices fiunt eorum,

qui ad verticem funt angulocums: patium very late=

vim figure in civealo mﬁnbnntur ope Ifofeclium trim

anzulorum, quorum anguli adbafim multiplices fef-

quialteri{fnk eorum, qui ad verticem funt, - angule-
Y.

¢ Utin triangulo Tofce-

le CAB, fiang A =3

C =3 ; AB.crit latus

Heptagoni. Si A =4 C;:

erit AB latus Enneago-

ni, &c. Sin verd A —.

' N '  11C, erit AB latus qua-

drati. Bt i A= i C-
fubtendet AB fextam partem circumferentiz;ips-
-x;cmf‘rquq A= 3} C; erit AB latus oQagoni,

. ’ Irom,

;

C e e ———y e -
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. & latus FA eft commune , b ergo HA = AG=
. GB = EL, &c. ¥ ergd HG, GL, LK, K1, k 3, .

Liber IV. : 8
Pror. XI1. Prebl.12

Circa datum civew’um FABCDE pentagonnm
equilaterum & equiangwlum HIKL G defsribere.

3 Infcribe pentagonum ABCDE zuilaterum 4 14, 4
& zquiangulum;, duc’ ¢ centro reQas FA, FB,
FC, ED, Fg; iisque totidem perpendiculares
GAH, HBY,ICK, KDL, LEG: concurrentes
mpun@isH, I, K, L, G. Dico faGum, Nam
quia GA, GE ex uno punéto G btangunt citcu- b esr. 16, 3.
lum, < erit GA == GE, ¢ ergd ang, GFA= ¢ 1.0m.36,5
GER. ergd ang. AFE = 2 GFA, codem mo- d 8.1,
do ang. AFH — HFp; & proindeang, AFB=
2 AFH. Sedang. AFEe= AFB. fergo ang. ¢ 7.3,
GEA= AFH, fed & ang. BAH'S == FAé; fr.e

13, AxX.
26. 1.

TH latera pentagoni #quantur : fed & anguli
etiam, utpote ! zqualium AGF, AH¥, &c.du-133. »

‘ pli;.ergd, &c.

Cvioll.

* Eodem palfo, Si‘in circulo quacunque figura-
zquilatera & zquiangula defcribarur, & ad ex-
tema femidiamesrorum ex centrg-ad angulos,
‘ T . L - dulee
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2913

b byp.

¢ confir,
b

e by -

f 13, ax.
g 26. 1

EVCLIDIS Elementorun.

du&arurp, excitentut linez perpendiculares, hae
perpendiculares conftituent aliam fizuram toti-
dem laterum & angulorum zqualium circulo
circumfcriptam, -

Pror. XIIL Prebl. 13.

In date penta-

A gono ¢quil£tcm s
| 5 & aquian ulo

_ ABCDE ¢ivcy-

E wm FGHK ip~

Jeribere, :

Duos penta-

goni angulos A,

& B * bifeca re-

&is AF, BF co-

currentibus in F,

£x F duc perpendiculares FG, FH, FI, FK,

FL. Circulus centro F per G defcriprus tanges

e nnia pentagoni latera,

Duc FC, FD, FE. Quoniam BA®=18C;

. & lates BF commune eft; & ang. FBA <=

FBC, derit AF = FC; & ang. FAP=FCB.

Sed anz. FAB ¢ =31 BAE ¢ =1 BCD. ergo

ang. FCB =% BCD. codem modo anguli tota-

les C, D, E omnes bile@i funr. Quum igitur

"ang. FGBf=FHB; & ang, FBH = FBG, &

Jatus EB fit commune, serit FG = FH. imili-

teromnes FH, FI, FK, FL, FG zquantur, er~

+ g6 circulus centro F per G deferiptus tranfit per
b cor, 16.3. il, P ’ 3

1, K, L; b tangitque pentagoni latera, clun
anguli ad ea punla fint reti, Q. E. F,

Coral.

Hince, fi duo anzuli proximi figurz equilate-
rz & zquiangulz bifecentur, & i puno,in Juo
cocunt linex angulos bifecantes, ducantur reQe

1

h

o




QQ Liber IV, g8y
,  Yinex ad reliquos figurz angulos, omnes anguli
~ figurz Crun:?aifc&i% anguios, g

- Schol.

Eddem methodo in qualibet figura mquilaterd
» & zquiangula circulus defcriberur,

o “Pror. X1V. Prob. 14.

Circa datum Pentagonum aquilaterum , & a- |
zuiapgulum ABCDE circulum EABCD defiri- o
Y0 - ’

Duos pentagoni angulos bifeca re&tis AF, BF
concurrentibus in F. Circulus centro F per A
defcriptus pentagono cirenmicribitur, '

Ducantur enim FC, FD, FE. *Bife&i itiq; 2 o, x‘;. *
funt anguli C, D, E. Pergo FA, FB, FC,FD {, 4. 1.
FB zquantur. erg6 circulus centro F deferiptus,
per A, B, C, D, E, pentagoni angulos trans-
ibits Q. E. F.

 Schol. /
Fidem arte circa quamtibet figuram 2quila.
wnam, & zquisngulam circulus defcribetur. ’

1a Trop,



¢ E ‘Z') cLIPIS Elemmtor/imb ,

Pror. X V. Probl. 1y,

A In dato cirewlo G~
ABCBEF  bexago-
mm & equilaterim,
F o #qnianguliom AB-
CDEF infcribere.. 1
Duc diametrum
AD, centro D per o
g centrum G deferibe
\ circulum, qui datum
fecetinC, & E, duc:
diametros CF, EB.
junge AB, BC,CD;
DB, EF,FA, Dico
fa&

um.
.1 Nam ang. CGD * =} 2 Re@ ?=DGEb=.
1.  AGF'"=AGB.ergo BGC=12 Re&@. =FGt.
13-t d ergd arcusc & {ubtenfz AB, BC, CD, D8,
; EF =qnantur. Hexagonum igitur zt}uilaterum
3. eft: fed & zquiangulum, fquia finguli ¢jus an--
guliarcubus infiftunt zquaiibus, Q. B. F..

-
w»

0

"o A6 WS
$Rs

X

Coroll.
t. Hinc latus Hexagonj circulo infcripei femi-
diametro zquale eft,
\ * 2. Hinc facilé triangulum 2quilaterum ACE
. in circulo defcribetur. ™~

Schol:  Probl..
Andr, Taeq.  Hexagonum ordinarum fuper daté veta CD itz |
a ,,r., “ coaftrues. * Factriangulum CGD zquilaterum |
+ [pperdata CD. centro G per C, & D deferi- !

be circutum. Is capiet. Hexagonum fuper data

..

Bromy.
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Liber 1.
Pror. X V1. Probl. 16,

Iz dato civculo AEBC guindecazonum agu'la=
terum & aquianzulom iné'mb.‘rc.

89

Dato circulo? inferibe pentagonum xquila-4 44,4,

terum AEFGH; ®itémque triangulun 2qui-
lateria ABC.¢rit BF latus quindecagoni quaefiti,

3. 4

Nam arcus ABeceft §, vel 3, peripheriz cu- ¢ confirs

jus AF eft § vel & ,ergd reliquus BF = {, pe-

- viph. ergd quindecagonum cujus latus BF, &

quilaterum eft; fed & zquiangulum, 4cim fin-d 27. 3,

guliejus anguli arcubus inhftant zqualibus,
quorum unusquifgue eft 4§ rotius circumferen-

tix 0, &¢.
7 B Schol.

Citculus di C4,8,16 &c. per 6, 4,& 9, 1.
viditur Geo- )3,6, 12, &c. per 1%, 4, & g, 1.
metricé in 5,10, 30,8&c. prr 11, 4, & 9,1,
partes _15,30,60,&c.per 16,4 & 9, 1.

Czrerim divifio circumferentiz in partes datas
etiamnum defideratur; guarg pro figuratum qua-
rumcungs ordinatarum conflru&ionibus {zpe ad
mechanica, artificia recurreadum eft, propter
quz Geometr pradici confulendi funt,

13 TLIB.

,
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LIB. V.
Definitiones.
4 /;/I//

B Ars eft magnitudo magnitudi-
f" nis, minor majoris , cum mi-
nor metitut majorem,

% 11 Maliplex autem eft
major minoris, cim minot
metitur majorem,

I11. Ratioeft duarum magnitudinum ejul-
dem generis mutua quadam fecandim quanci-
tatem habitudo.

Inomni vatione ea quantitas, que ad aliam re
fevtur, dicitur antecedens vationisyea verd, ad quam
alia viferinr, confequens vationis dick folet. ut in

-t
.
.ﬂ
Py
2
S
S

tatione -6 ad 4; antecedens eff 6, & confequens 4.

ota,

Cufusque vationis quantitas innete(cit dividendo
anteceacntem per confequentem. wt vatio 12 ad §
effirtur per 1{ item quantitas vationis Aad Beft
%_. Ruzre mon raro brevitatis causd , quantitates

. C
vationums fic defignamus, /-% cyvel =, vel = 53

boc eft vatio A ad B myor eff vatione C ad D,
vel ei equalis, vel minor. Ruod probée amimad-
wertat, quifquis bac legere volet.

Rationis, fFve propartionis [pecies ac divifiones vi-

_ de apud interpretes,

1 V. Proportio verd eft rationum fimilitudos

Rellins que bic vertitur proportio, proportiona-
lisas, frve analogia dicitur 5 nam pio-ortio idem de-
notat quod vatio,ut plerisque placet.

V. Rationem habere inter fe magnitudines

dicuntur ; quz poffunt multiplicate fc mutud
fuperare.

VI.In




Liber V.

E 10 ]A, 4.B. 6.]G,24. VI. In e

¥, 30.|C,10. D,15.| H,60. dé ratione ma-

‘ gnitudines di-

cuntur efle, prima A ad fecundum B; & tertia

C ad quartum Dj cim primz A, & tertiz C

* 2quemuliplicia E, & F 4 fecundz B, & quar-

tz D xquemultipiicibus G, & H, qualifcung;

*» fit hxe multiplicatio, wtrimque E, F ab utrog;

G, H vel und deficiunt, vel und zqualia fune,

vel und excedunt, fi ea fumantur E,G&FH

que inter fe refpondent.

Hufus nota oft :: .uc A.B 12 C.D. boc off

A aiB,& C ad D ineadem funt vatione. ali~

quando fic [eribimu =t id e, AB:: C.D.

V1IL Eandem autem habentes rationem (A.B::
C.D ) proportionales vocentur,

E.30.{ A, 6. B, 4.] G,18, vIIi. Cim

F,60.{C,12.D,9.| H,6.3, verd zquemul-

tiplicia, E mul-
tiplex prime magnitudinis A exceferit G mul-
tiplicem fecunde B; at F multiplex tertiz C
non éxcelerit H multiplicem quartz D3 tune

grima A ad fecundam B majorem rationem -

abere diceturs quim tertia C ad quartam D,
. Si % r_-g s neceffarium non eft ex hac definitio-

we, ut B femper excedar G 3 quum B minor e
quam YL; [ed conceditur boc fier paffe.

1 X. Proportio autem in tribus terminis pau-
ciflimis confiftic, Quorum fecunda eft inflar
dugrum. .

X. Cim autem tres magnitudines A, B,C
proportionales fuerint prima A ad tertiam G
dut icatam rationem hatetc' dicetur ejus, quam
habet ad fecundam B: at quum quatuor magni-
tudines A,B,C,D, proportionales fuerint,prima
A ad quartam D triplicatam rationem ja'abcre

. ' icetur
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dicetur ejus, quam habet ad fecundam B; &
femper deinceps uno amplius, quamdiu propor-
tio extiterit, .

Duplicata vatio expiinitur fic g =§ bir. Hoc
eft, ratio A ad C duplicataeft vationis A ad P,
triplicata autem fic %:% ter. id eft,ratio A ad
‘D tripheatacft vationis A ad B.

- denotat continué proportionalesaut A,8,C,Ds
item 2,6,18,64 funt < .

X I. Homologz feu fimiles ratione magni-
tudines dicuntur, antecedentes quidem antece-
dentibus, confequentes verd confequentibus.

Ut iA.B:: 'C.D;tam A, & C; qvimB &
D bomologe magnitudines dicuntwr.

X II. Alteraa ratio, eft {umptio antecedentis
ad antecedentem , & confequentis ad confe- .

" quentem.

%t fir A.B::C.D. evgs alterné, vel permm- .
tando, vel vicifim A.C: B.D. per16.5. .

It bac definitione, & §. fequentibus imponuntur
nomina fex modis argumentandiy quibus mathema~
tici frequenter utuntuv; quarwm. illationum vis in=
nititur propofitionibus hujus libri, que in explica~
Lianibus citantur .

X111 Inverfaratio, eft fumptio confequen-.
tis ceu antecedentis, ad antecedentem velur ad.
sonfequentem. .

- vt A B C.D.ergd universé, B.A :: D.C.
per cor. 4, 8. i ,

X1V. Compofitio rationis, eft fumptio an-
tecedentis um confequente, ceu unjus, ad ipam
confequentems, ) :

_ #t A.B::C. D, ergo componendo,A<+B.B :2
CD.D.per 18. 5.

X V. Divifio rationis, eft fumptio excefsiis,
quo confequentem fuperat antecedess, ad iplam
canfequentem. ' 7




A Liber V.
. vt A:B:: C. D. ergo dividendo, A-B. B ::

‘ C-D. D, per17. 5. _

X V1. Converfio rationis, eft fumptio ante~
cedentis ad exceflum, quo fuperar antecedens
ipfam confequentem.

%t A B :: C.D. ergo per éonverfam rationem,
A.A-B:: C.C-D. percor. 19. %,

X V1L Ex zqualitate ratio eft, fi plures
duabus fint magnitudines; & hisaliz multitu-
dine pares, que binz (umantur, & in eadem
ratione; cim ut in primis magnicudinibus pri-
ma ad ukimam, fic & in fecundis magnitdinie
bus prima ad ultimam fefe habuerit. Vel alicers
fumptio extremorum , per fubdutionem me-
diorum. *

X VI11., Ordinata proportio eft, ciim fue~

- rit quemadmodum antecedens ad confequentem,

itd antccedens ad conlequentem: fuerit etiam ut
confequens ad aliud quidpiam , itd confequens
ad aliud quidpiam. . .

vtfi A.B::D.E.item B.C::E.F. eritex
equo A.C:: D.F, per 22, 5.

X 1X. Perrurbata autem proportio eft 5 cim
tribus pofitis magnitudinibus, & aliis, qua fint
his mu'titudine pares, ut in primis quidem
magn:tulinibus fe habet antecedens ad confe-
quentem, itd in fecundis magnitudinibus ante-
cedens ad confequentem : ut autem in primis
magnicudinibus confequens ad aliud quidpiam,
ficin (ecundis magnitudinibus aliud quidpiam
ad antecedentem,

#tfiA.B:: E.G.item B.C::E.F.erisex
aquo perturbaté A.C B, G, per 33, §.

X X. Quotlibet magnitudinibus ordine po-
fitis; proportio primze ad ultimam componitur
ex proportionibus primz ad fecundam, & fe~

" cundx ad tertiam ;& tertiz ad quartam, & itd

deinceps, donec extiterit proportio,

Siat
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Sint quotcunque A,B,C,D; ex hac def.
A_A B C. ~
p—B*C*D
| Axioma,

R quemisiplices eidem multiplici fune quod}
inter ie zquemultiplices.

Proe. I,
¢ 1 XK D ¢

Si fint quotcunque magnudines AB, CD
quotcungue magnitndinum Es F aqualium numero,
Jingule fingularum, aquemuitiplices 5 quim mwlti-
plex eftunius B wna magnitudo AB,tam multi-

" plices erunt & ommes AB+CD omnium EF.

Simt AG, GH, HB partes quantitatis A B
ipfir E 2quales. item CI,1K, KD partes quan-
tiratis CD ipti b pares. Harum numerus il-
larum numero 2qualis ponitur. Quum jgitur

. AG4CIlP—=E+F;* & GHLIK=f4+F;* &

HB+KD=E~F,liqut AB+C0 2qué mue
toties continere E—+F, ac una AB unam E con=
tinet. Q. E.D.

Pror,




” Liber . o5
(0 Proe. I, ‘
' = Siprima AB fecunda C agué
fuerit multiplex, atque tertia DE
: ' quarte B3 fuerit astem & quinta
’ H BG fecunde C aquée multiplex,
/ argue fexta ER quarta F, erit
& compofita prima cum quinta
( AG) fecunde C aqut milt'-
Bt E Plex, arque sertia cum fexia (pu)
‘ quarte F.
. Numerus partium in AR ipQ
l C =zqualium =qualis ponitur
¢ D ntumeo partium in DE iph F
xqualium, Item numerus par-
tium in BG ponitur zqualis numero partium .
in E H. *ergo numerus partium in AB+BG a 2, &x,
- zquatur numero partium in DE4+EH. hoccft
* tota AG zquemulipiex cft ipfius C,atque to-

L 3

" ta GHiplius F. Q.E. D.
B Pror. III
" - { Sit prima A fecunde B

aquenusltiplex, atque tertia C
. - quarte D5 fumantur. autem
s +rM E1 FM equemsltiplices pri-
[ - ma & tertigy erit O €%
3 +H aqua,fumptarum utraque tii-
L usque equemultiplex :  altera
! . 4 qudem E1 fecunde B; altera
awtem FM quarte D.
t : Sint EG, GH, HI par- '
-F tes muleiplicis EI iphi A
, 1 . pares; item FK, KL,LM
" partes multiplicis FM ipfi
€ zquales. 2Haram nume- a by
, l 1 [ { rus il m(;nAnugxcfto i;quae-l
4 tur, porro A, id eR EG,vel |
- ENBFCD  GH, vl GI ipfius B poni-
twr 2quemultiplex arque C, vel FK&c. ipf:us Dé.
o o8
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b5 ° bergd EG —+ GH aquemultiplex eft fecundae
€25 B,atque FK — KL quartz D. ¢ Simili argu—
mento EI ( EH - HI ) tam multiplex eft
ipus B, quam FM ( FL — LN ) ipfius D.
QI E. D.

2 3.5

»

1

Pror. 1111,

r .

Si prima A ad [ecundam B
eandem habuevit rationem , &
tertia C ad quartam D 3 etians
B & E equemu'tiplices primee
A, & tertie C, ad G, H
equeniultiplices [ecunde B, &
quarte D, juxta quamvis mul-
siplicationem, -eandem habebunt
vationem, fi prout hater fe ree
fpondent , ita [umpia fuerinte

.G:: F.H.

Sumel, & K ipfarum E, &
F; item L & M iplarum G,&
H aquemultiplices. * Erit I
ipius A #quemultiplex arque
Kipfius C ; 2 paritérque L
tam muleiplex ipfius B quam
M ipGus D, Itaque ciim fit A.
Bb:: C.Dj; juxta 6def, fi
Iy =, 2 L confequenter
pari medo K o, =, 2 M,
ergd cim I, & K iplarum E,
& F (umptz fint zquemulti-

plices,atque L, & M ipfarum G & Hj erit juxta
7.dek E.G:: FH. QE.D,

Coiok.

Hinc demonflyari folet inver[aratio,
Nam quoniam A.B:: C. D, E =, =,

€ 0. 6.def.s. Go;erishumilicer F oy =, =2 H. exg liquer,

quod




 Liber V.. ) 07
i qudd iGe, =, E, eflHe, =, F. '
SergdB.AL:D. C.QED. o dédfs,

, '.Pnor.'v. N
' bosncs. by Simagnitude
@ A __, ,E BAB mag%dtudi-
C =D o oas CD egme
@ fuerit multiplex, atqs ablata AR ablate CF; etiam
veliqua BB relique D it multiplex evity uttota
AB totius CD. I
Accipe aliam quandam GA, quz reliquz F
it} fit multiplex, atquetota AB totius CD), vel .
ablata A¥> ablate &F tergd wraGA + AR B+ 5
totius CF;+ FO 2quemultiplex eft,ac una AB
unius CF. hoc eft,acAB ipfius CD.b ergé GE=? & &
' AB, ¢proinde, ablard communi AE; manet GA¢ 3. 4%
"= EB. ergo, &c. . o
: : Pror. VI. . i
¢ DY  Si dua magritudiness AB :CD
duarum magnitudinum B, ¥ fnt e-,
quemultiplicess & detralla quadam-
fint,AG & CH, earundem E, ¢ F
Ht ;fuemdtiﬂim » & religue GB, ~
D eifdem B, F aut- aquales funty - .
oY au aqué ipfavem mudtiplices. .
l l r Nam quia numerus-partium in

T

AB ipfi' E #qualium ponitur 2-
qualis numero partium in D ipi
l ‘F zqualium. Item numerus par-
tium in AG 2qualis numero par-
A E FC tiumin CH. Si hinc AG, indé
CH detrahatur, * remanet numerus partium in a 3. ¢,
reliqua GB ®qualis numero partium in HO,
etgd i GB fit E femel, erit HO etiam C femel. AR
SiGB fit E aliquoties,erit HD etiam C aliquo- <
ticsaccepra. Q E.D. . -
. R Prop»
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a 6. ax.'
b 6. def. 3.
com4s.

2 wnft,

bisge

c 8.4¢. 5.

EUVCLIDIS Elementorum
‘ProprP, V1T, '

‘E* =N candem ha-
bent rationems, & 4demC ad mquales A~ B,
SumanturD, & E 2qusliam A, & B zque-
m\iltig_l)ica-, & F uteunque muldiplexipfius Gy «
* arit D =E. quere fi D g, 22,7 F; erk fimili-
ter B -, =, =2 F.bergd A. C:: 8. C. inverfé

= Litur C, A¢:: CB. QE.D.

. Schol, - .

Siloco multiplicis F fumantar duz 2que-
‘muldz‘llx;ées,‘eodm modo eftendetur xquales ma-
gnhudines ad aljss inter (¢ 2quales eandem habe-
re rationem, .

Pror. VIIL
Inaqualium maghitudimum AB, C,
" magor AB ad e D majorem vatio-
.  Membabet quim mivor C. €t eadem D
A 1 X ‘ad mivorem C majorem valionem bibet,
Al 4 quansad'mijorem HB. . :
Exmajori-4B aufer AE== C.-fu-
Ad 4 mater HGwem -inu!t?plcﬁipﬁus?m,
D vel G, qoim GF reliquz ' EB. Mul-
Y .tiphicetar-D,donecejts mulgrkx 1K
- “major evadat ‘qudm HG, fed mimor
quam HF. o
3. . Quoniam HG ipfms ARMtammul-
] tiplex-eftyqiden GF ipfius EB, ®esit
tora HF totits AB equémultiples,
tj mquewna HG unius AE, vel C.crgd
* cim HF - IK (que muldplex ¢t
J:Kﬁns D) fed HG =1 IK, ¢ brit
B C

I bep QEP
K ,

-

Rurlus
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LY

-

&t A By begdC: £,
: 5Ca

: Liber V. %
" Rurfus quia IK e~ HG,atJK =3 HF (w
grxus dx&um) f erit !.)J:. D 2 Qb

- Pxor'. 1X.

' ua ad eanders candem babesit vatiesem,
es funtinter fe. Et adquas ealem ean~

dcmbqbetthuW fust inter fe
) ‘1 H SxtA :Ch :B8.C. dicoA=B.
A:-, wlm3 ,2 mtxdc&, s.5
c v;'> vel—: = cantra Hyp,

3, My, Sit€.B:: C A, dicoA_.B.nam

S fit:*lho’.‘ REETR

- Ad emdm,gv—mdmm ratigmens bt-
bentium, qus Majorem, rasionem habet, ila
major ef: ad quam verd eadem m;mm o

I ‘tionembabet; dla mmw reff. -

ARG 1 Db Sﬂ—-;—-—- Dicoﬁ:-]; Nam
f &qtur A.-B,x'th. C:: B.C.contraa 7. 5.

HYP SinA=B, ’em%—_-l- et;amzontub 8.5
Hyp.
, z.}bp sngrs Dico 8 =3 A. Nam dic

B=A ‘ﬁ'sdc B C .A. contra Hyp, vel 7 5

cdnmliyg. . by

dxc&r.-A,‘ﬁg,of C"Emmcomuﬂw d8- s.,

Kz Provr.
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a by, -
L 6. def €5

< Ca (!f.}.‘

T omw»a

a 5.

EVCLIDIS Ehmemiiim:

P T e Tl Vi s
oot T prop. XY ,
G i H e e ]

A C E

B D F

X L————— " M

 Que cidem funt eadem vationes, Ginter [ fint
eaden. N : .
- Sit A,B::E.F, ¥em C.D:: E F.odicd
A.B:: C.D, fugc ipfarum P.?_,'C, %?g“?
mubiplices’y . G, H, I{atque’ iplarum B, D,
tquemultiplic&’t; i&,’ L5 M.: Et ‘q\'x,oyig:q
1AB:EE i Grm,=, ", K. b erit phri mo-
do I c~j=y*3 M, paritérque quia * E.F 23 C.D.
Si I, =, =M, berit H Gmiliter .=, ~aL.
ergo ki G o=y =2 K, erit fimiliter H gy =,
5 Ly ¢ quatec A B 2C.L : QE.D; -
Schal,

Quz cifdem ratignibug gt eadem rationes,
funt quoqueintexfenzdeg., - ., 1
Pror. XIL -~

i

e

—. o, Do .3 Be— !
A SRR - A .

§i fine mdgpinudings quotinagiueh, & B, C &

D; E, & F proportionales; quesnadmedum, f¢ b
buerit una antecedentium’ A ad wnam confequen-
tium B, it fe habebunt ommes amtecedentes, A,C,B
ad omnes confequentes. B,D,F. - .

Sume antecedentium equemnltiplices G,H,I;
& confequentium K, L, M.  Quonidm:-quim
multiplex eft una G unius A, 3 am multipli-

L ¢¢s funt omnes G, H, I omnium A, G, E; pa-

ritérque quim muliplex éft una K univs B,
atam multiplices {unt omnes K,L,M omni-
umvB, D’ P, Si Gr;:,1K’ erit ﬁn}i]Gil“

’ iV-e

Ly

- ———p




vt Libee WM 101
G+HGle= mK+L+M bquaueh 6.
AB:: A+C—+E B4+D+F. QE.D.

R [pn]l \

! Hmc,ﬁ ﬁmilxa propom“onaha fimilibus pro-
ronjomhbus addamu; 5 tota “erunt’ yropmt c~-

~Px.or. XKI‘II.
- .C —
'__.L_q_ o D_—.

ﬂw‘sﬁ :
gmmg

5 ;i prima ‘A adl j‘ecundm B oandém babu sic
mzimm,'q,;m tévea C ad' quartam D; bitiave-
ro C ad gudyin D. majovem. babuciit vatioacns
quam quinta E ad fextam Fy primd quoque A ad
fecwrdam B m]mm vationcm babebit, quim quin=
m B ad fextam

Sum¢ xp um. A C,.B ;pqmnlsxphces

rumquc B D,E zauemulughccs

K, M‘ &_ AB" D SlH:‘L‘,‘qm a 6. df 5.

" GeK.--$ed quia --c‘- b fieri” potelt "ut Gt b 8. 4. 5.

Hel, &I non :‘-M. ergd fieri poteft ut
GrK, &Inon c-M.f‘ gi.’gd ‘%‘r;—gc . QEJ? ¢ 8.4 5.
r Qt}d ﬁ—~-3--, émquoq,--:\l-; Itemﬁ .
c &
—q_-D ;—F em r:'*- & GB":\D": em
A X
i"’l?,‘,

{ i ;o
' DI W
ed o . - .

R Tt
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Pror. XIV.

[ Si prima A ad Secundam' B eandem
babuerit vasiomem, quim tertia C ad
quartam D3 primavers A, auim tertia
C major fuerit, evit & fecunda B spajor
quim quarta D. Quod ff prima A fu-
~erit egualis tertie C, erit & [ecunda B
aqualis guarte D; fverd A minor & B

WA eYit, :
pLs Sit Ac-C. tegd Acg, vied
€135 ABCD %-_—%. cergd -gn':. 4 ':.tgkb‘Bl:'l’-

d o, Similia uménto GSAEC’ 4 erit BD. 863
€7.5. ponatur A=C; #r, Be: ABf::C.D.
thn  fego B=D. Que B Dr - ABIHC

SCHOL.
A fortiord, & g--—_\,%, nque A C, et
BrD IemhA=Beit C=D. MiAg,
vel =2 B,eris pariter Cc) vel=aD.

- Pror. XV. ,
!B Partes C & F cuin paviter maltiplie
W cibus A%, & DE in eadem fust rati-
one s fi provus fibi. mutud vefpondent, itk

~ Jumantur. ( AB. DE :: C.E. ),
& 2 -Sit AG, GB partes muliphicis
f AB ipfi C zquales: item DH, HE
: multaci« DE ipfi F 2qua-
a by es, ¥ Haram numerus illabnm‘z; nuéxc.
s, 1 { ro zquatur. ergd quum ® AG. C 2
¢ s ACDF DH.qF;‘atq; B.C :: HE. . erit
AGGB ( AB ). DH4HE(DE ) ::C.F.

Q.E. D

Proe.

L

4
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S~ Daer. XVIL
3] 3 e R G Lanan e B )
mw  F " e

# . Siquatux m%tmbm A, B,C,D pojorti-
T eugle fuerints wicifim puopectionales erupt.
3 (A.C:B.D.)

Acgipe E, & F zawmuhiph‘ces iplarum A,
& B. iplarimque C, & D. z2quemulsiplices G,

“  yH. taqueB. B2 :: A B> CD?:GH. | 55

3 Quare fi B ¢, =, Gq‘ erit fmilites F o=, c 1J1P 5. &

. ~aH.deago AC:RD. QED. 145

j; - SCHOL. d6dfy.~

Alterna ratio locim tantiim haber, quando
quantitates ejufden {unt generis. Nam Hetere-
gene quantitates non comparantur, ‘
, . Paor. XVIL
rx N Sicompofita magnitudines pro-

: poitignales fucvint ( AB. CB ::

DE. EE ) ba quoque divife proz -,
| ortiondlcs evwat. ( AC. CB iz °
L DF.FE.)
| » Atcipe 'GH, HL, IK, KM
- m ordine @quemaltiplicesiparum
' AC, CB, DF, EB, item LN,
. MQ  zquemultiplices ipfarum
~ CB, FE. Tata GL totiys AB,
T 3 tam multiplex eft, quim unaa 1. 5.
= GH unius AC,*id eft qudm b cnft. -
K| 1K ipfius DF; ¢hoc cft quam e 1. 5.
tota IM. totius DE; Irem HN
( HL4LN)ipfius CB ¢ 2que-d 2. 5.
multiplex e, ac KO (KM+
MO ) iplius F&. Quum igitur
[ per hyp. AR, BC :: DE.EF.
. 8 Gl 2z, HN, etiam i+
- Kg¢ . militee

=

0
[

m
e[~ 1 .
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€ 6. def.5. militer e erit IM o=, =, KQ. aufer hinc in- .

de zquales HL, KM, fi reliqua GH o=
S. &x. LN, ferit fimiliter IK :-,qz,—,\MO,’;;;
¢ 4f 5. de AC.CB::DF.FE. Q.ED. a

f
4
PLror.” XVIIL :

F  Sidivifa mégnitudim fiut proportige
G " ( AB.BG :: DE. EF ), he quog;
=" compd¥ee " proportionales erwmt ( A C.

| lg CB::DE.FE.). ‘
B L Nam fi fieri poteft, fit AB.CB ::

C

a5 K DF. FG—EE. ? er%,d erit diviim
b by & AB.BC :: DG. GF. Y hoc et DG.
ws. GE :: DE. EF. ergd cim DGDE.
€14 5. AD cerit GF~EE. Q.E.A: Simile’
d g ar.  ablurdum fequetur, f dicgur AB.'CB :: DE.
GF c FE. i
Pror. XIX.
c ~ Siguomadmodum to
A V=28 g tum AB ad totum DE

D L ita ablaum AC [eba-
.. buerit ad ablatum DF;
& veliquum CB ad veliquum YE,ut totum AB
ad totum DB, fe habebit.
2Thr. - Quoniam * AB. DE :: AC, DF, b erit per--
b'ie. 5. jutando AB.AC:: DE.DF, cergd divifim
415 %  AC.CB:: DF. FE. quare rurfus b permutan-

f:.t’sp.'& - do AC.D¥ :: CB.FE; 4Hoc ¢ft AB DE ::

CB FE. QE.D,
Loroll.

1. Hine, fi fimilia propoitionalia Gmifibus
proportionalibus fubducantur, refidua erunt pro-
portionalia. .

2. Hinc, demonfirabitwr comverfa ratio.

- Sit AB. CB :: DE.FE. Dico AB. AC ::
216. $. DE.DFE Nam?permumando A8 DE :: CB,
b 19.5.  FE. bergd AB. DE :: AC. DF. quare iterum

permutando, AB. AC:: DE, DF. Q.E.D.

< Pror. @

!

'



. . Liber Vo o - o5

“ .-, . . Propr. XX. .° - .
? i 'Si ffat tres magnitudines A,B,C;

.  &alie D,E,F ipfis aqnales. s~
- wmero, qua bina & in cadem vatio-
> . ne fumantur ( AB.:: D.E; atque
( ‘ B.C:E F)s exaquo astem
e ! »prima A major fuerit, quam tertia
. 11 €; erit & quarsa D major quism
-k | - fexta F. uod fi prima A vertie
AsChbpy Clumit aguiss evit & quaria
- - ‘D aqualis fexta ¥. Sin illa mi-
wor hac quogue minor evit, - '
1. Hyp, SiA C. Quoniam?* E.F::B.C. 3 by
berit inverst F.E's; C,B, ¢ Sed %—}ﬁ dergd b cor 45,
F_A. D o s e
75 Y‘l:'i . cergd ‘_Dr. F. QE.D. /5‘._‘701 '
. 2 Hyp, Simili argumento, Si A=aC, often-¢ 10.5 g
detur D F. . -

3. Hyp. Si A'=C.Quoniam F.B :: C.B:: £7. 5.
"Ag.B :{PD. E, serit &—.:F. Q.E.D. B it 5 &
f =D ’ . oSS

: _'w-P!,.or’.' XXI '

i fns tyes magritudines A B,C;
&ralie DB, F ipfis aquales nu-

© mero, qu bine & in_eadem yat. (-

- nefumantur , fueritque perturbata
eorum proportio, ( A.B:: E.F.
atque B.C ;: D.E.) ;5 ex equo
autem prima A quim tertia C mi~

- Jor fuerit; erit & quarta D guim

s BCDEF. Jiata ¥ mijors Quid fi prima

. i fuqrit terti@ aqualis, evit’ & quirta’

aqualis [exta; fin illa minor, hac quogue minov ciir.

1. Hp. A C. Quoniam 2 D.E :: B. G, a by
A

invertendo esit B.D :: C.B. arqui —g. b D eb g
Ky . rego -

4 .

.
 eetm—— N
———— .
m———
 cm—————

E



‘ 106 ETVCLIDIS Elementorsm

; | € fbolay.g ¢ ergd %':l%, h’cﬂﬁ%. degd D= F,
0. 5. | Q B‘-Do -

3. Hyp. Similjter, Si A=3C., erit D—F,
XA +3. Hyp. Si A=C. Qioniam E.D¢:: CB ::
:;n-s - tABufEF, st DSF. QE.D,

' Pror. XXiIL

Si fint quetcungue magnitu-
diges A, B, C; & alie ipfis

i L/
agusles xumero D,E,F, que
' bina & in eadem vatione [i-
I meuwt (AB 1 DE: & B.
M o C::_E.F);égxaqualz-
1 tatc in eadem vatione erymt

(A.C:D.E.), -
Accipe G,H ipfarum A,D ;
& 1, K ipfirum B E; item
L,M iplarum E, ¥ 2que-

ro

E P
4.3

o>
ro

v multiplices.
a b : Quoniam * A. B :: D, E,
bas : | -boerit G.I1:: H.K. eodem
modo, erit, I L :: K. M. er-
€ 20. 5. | . 06 Gen=,~aL, ceis

@b df S, £o=raM;dergd A.Conn

D.F. Eodem pa&o fi nleg~
riis C.N 2 F. O 5 erig ex

aquli AN D,0, QE.D.

Pre¥,



Liber V. 107 .
Pror. XXIIL
Si fint tres magnitudines A,B,C;
aliaque D, E, F ipffs aquales pu-
‘ meryy qum bine in eadem vatjons
' fuzmatur , fusit ausem pertiirgat s
eavum proportio, (AB:EF. & '

BEDEF BC HH D-.E,-) ghiam ex aqualitate

HKILM ineademvatigae crunt. - ,

" V1)) |, SemeQiiLY jplarum AB,D;
iteg K, L, M ipfarum C, E, F

zquemulsiplices. orit G.H 3 :: '
ABb::E.F2:: L.Mporrd quia 2 2% 5
YB.C:: D.E.erits H.K : LL.b by
ergd G,H,K3 & T,L,M habene € # &
I fe juxca 21 §. quare i G,

=K ¢rit fimiliter Ior,= M.

dproinds A.C : D.F. QED.

Eodem modo fi ﬂlures fuering &6 4ef 5

magnitudinibus eribus, &c.

“hish Cored. fd -

Ex*his fequitur,raviones cx iifdem rationibug _
Compofitas efle inter fe ealdem. item, ca_uun5 ::’f s
dem ratiopum eafdom partes inter fe egldem efie. & ol o

Paop. XXJIIL

A== Si primz AB ad fo-
ST 2.9 undam C eandem bibie-

F E H 16 ration:m quim fevtig

. : DE ad quartam ¥ ; habis. -

yit antem & quinta BG ad fecundam € equdem
vationermy quim fexta EH ad quirtam B 5 clivm ,
compofita prims cum quinta (AG ) ad feckndam .
C ceandem babebit. yasionem, quism serk’a cum fixta

(DH ) ed gizrtam F. .

- Namquia? AB. C :: DEF, atque ex hyp. ; jy -
& inversé C.BG:: F.EH, erit bex mpialib 23, 3
AB. B6:: DE.EH. ergd componendo AG.

BG:: DH.EH. ¢item BG. C ;s EH.F. ber- ¢ pyp

g6 nufuscx 2qu0, AG.C & DH.F, QE.D.

R s Yok

e €3

ar



ﬂ. . 108 EV cLIQ)!S'vEIcmemmm

Pror. XXV. : ]

" Si quatuer magnitudinis propertic=

"8 nales ?hm'nt(A%}. CD:E.E. )5

D - maxima AB, & miriza F religuis
" CD, & E.majores erunt.

' Fiant AG=E ; & CH—=F.

- Quoniam A B.CD*:E.Fb::

' , AG. CH, cerit AB.CD :: GB.

a by HD. dfed AB— CD. cergd
® 7 55 : GBHD. atqui AGg§=§+
:*  ACEF CH. agd AGHF4+GBrE+
i ;c’lrol. 145, & CH*H%. hoceft AB+FE—e
. CD. ' Q.E.D, . ,
) Quz fequuntur propofitiones non funt Eu=
clidis’; fed ex aliis defumpta ob frequentem ea=
~ rum ufum Buclideis (ubjungi folent,
. Prer. XXVIt
A C Si prima ad fecuns
& D==~ daow babuerit majorem
. . preportionemquim ter—
tia ad quartam Jhabebit cosvertendo , fecunda ad
primam minosem. propostionem , quam quarta ad
rertsanls . ° o - )
. A _C . N s
- Sitgey, Dice %_—;g‘ Nam concipe:
a1 5 -.-c —E ‘e:sd é.:—g. b . a. c 6-
B 100 5, ?-—% ‘ DB g "quare A E, cerge.
c8. 5. e & = .
%‘W- 4 5 A-:E: vel C. QE' D..
Pror, XIXVII
A . c Si.prima-ad fecana
& — D= dam babusrit majorem
. propertionem,ju’um tey=

$in ad_quatam, babebit quoque vicifim prima ad

sertiam majeiem. propectiontm , quim [ecunda ad

QLA 2. -

presm—— o ]
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© o Liber V.0 "7 308

A _C ., A B "7 g
- Sk 555. Dico -'c‘-D-' Nam-puta "'=D. ‘

’ 'erg& AcE. bcrgdr* L—— ‘vel QED 2 Io. 5-

c 16 S-
{Prop. XXVIIIL

G ‘
MS r_?;_
8iprimaad. fecundam babwerit majorem propor=

tionem , quim tertia ad quartamy babebic quoqie
compofita prima cum fecunda ad [ectndam majorem

. propertionem, quam compofita tertia cum quaita ad

quartam,
sic AB_DE
BC EF
cs_DE, . N
BC—EF.. o8 ABE‘GB.addeutnnqug oh .
AC C . X,
berjt A@:‘GC cergd Bcrfc eﬁﬁl; . s ,,

QE.D.

C

Dico g A Nam cogita

' l!nor,. XXIX. -

5
-
PR

G BC
A *D B i' ,

. Sico 14 prima cum fecundaad fmﬂdm ma-
jovem . it projovtionem, quim cumpo)ita tertid
cwn quarta ad quartam, babebit quoque dividendo
prima ad fecundam majorem projertionem quasm tei-

- Bin ad quartam;
AC __DE . AEB
g ze
. Sitygg oy, Dico g ':’ g, Tnelig
GC_DE-

5C=ip. g0 ACGC. aufer communc a 10 5.

b ; ax.
b ¢ AB._GB d DR
BQ;b ait AB— GB, cergd 35 56 vel = iE. d b, 55.

QEB.D; L. Prop.,..
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a m. \
b 39 §.
¢ 36, §.
d al, 3.

ate §.
bss.

€ 13. S
d 30. §.

lazss.

EUVCLIDIS Blementorum
Praor. XX X.

A B . Si compafita pri-

T macem [wunda ad
[—=—F ﬁmadm babucrie
-B m;omn pra;wuo-
Bem, qudm compofi-

te tertia cum quara ad quartam; Habebit , per

D

- conuerfionem vationis, wma cwm [ecunda ad primam

minorem yativacms o quazs teriia cums quata ad
mtwn

AC_DF .. AC_DF .
| Sit geegg, Dico g Nam quia
AGa DEF AR _DR

)3
— e € copver-
3 =EE. erit dxvxdl::do BC- EE

tendo igitur B¢ 2 BE. dergd componendo

Iy
AC Dp
£5 7P QE.D.

_ Pxor. XXXL
A oo Do 8 fint tves widgm-
T DT mwdins ARC,G
G alig ipfii ajudles
N wpmge D, E, F,

sitque mpr propor-

o prima prissum ad j‘emadm LAvim pripea poftc-
viorum ad fecundam ( = e-: ),m{’emdapu-

" otues ad tevtiam m}or, quim fecunda pofferierim

ad sertiam ( cSF ) Erit quoque ex aqualitate

major properiia }ﬂm pnmm ad tertigmguim pri

me poﬁmmadmm (g r};’: }
o ‘

Concnpe j=F S — erga P:,?G 5c"gd = ;—-.
Rurfus puta ____ ‘crgo a-—r 4cr°o fomuo

c’jc "QUBKCA:H.'PIOMC -5':\5' vel
QED - “baer.

.

s -




R Liber. P.

; ‘ Pror. XXXIL

(A s D- 8i fiat tres magnitu-
B E dines AB,C; & alie
- s F— ipfis equales D,B,F,

prima priovum ad fe-
% cuudm > gquim [ecnde pofleciorum, ad tertiam,

(5 F) itemfucandariorim ad teriiaw me-

jorsquim prima poferionm ad fecundar (% 5. )

evit quoque ex aq:umm major propeviio prime pm-
ad muu,qamn ima pefleviovim ad tertiam.

° ( cCE 2)
: Hujule demonfiratio pland ﬁuu‘hs e de

monfirationi pracedentis.
Paor. XXXIIIL
. B . ,
| A \ B Si fueiit major projortio

€D quim ablati AE ad abie

.—;1 tum CF. €rit ¢ reliqui

. EB ad reliquum FD ma-
jor propoitio, q::m totius AB ad totum CD.

AE
Quoniam D & b erit ycrmutando

” g C.P ¢ ergd per convcrﬁoncm ratiznis

B B l

s

dotius AB ad totum CD,

: b
2. %
[ 300 Se
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- EYCLIDIS Elemestorum
- PrRoP. 'v'.XZX.XI V.

A— D= ~  8ifintquo-
c —_ F : cunque magm-
G- Heee Zudines, & 4=

Jiie ipfes equa

les munsero 5 sitque major proportio prime priovum
ad primam poficriornm, quam fecund a ad fecundans;
&r hac major quim tevtie ad tevtiam, & fic dein-
ceps: babebunt omnes prigres fimul ad - opnes pofie-.
vioves fimul , majorem proporsionems , quim omnes
priores, velittd primi, ad omnes poflerioves, velitd
queque primas minerem autens, quing prima priorim
Ad primam pofierionum; mayorem denigs etiam quim
wltsma priorum ad ultimam pofleviorum. )
Horum demonfiratio eft pener interpretes. ques

adeat, qui eam defiderat. nes “omiifimwiss 5 byevitatis

Pudios & quizillorum. nulis ufis in bis element ..




‘ LIB. VL

Definstiones.

W Imiles figure reftilinez fune

os fingulos fingulis zquales
abent; atque etiam latera,qua
W citcum angulos zquales , pro-
. . . . portionalia. S

Azg. B= DCE & AB. BC :: DC. CE.
itemang, A=D; amque BA, AC:: CD. DE.
denique _ang
CB. ED'

tem funt ( BD, BF),
tlcim in utraque figura
antecedentes, & confe~
quentes rationum ter-
mini fuerint, ( hoc eft
AB.BG :: EB.BC.)

. - TI 1. Secun-

Al > Bdim extremam
. Q & mediam rati-
onem re&a linea AB {e&a, elle dici_:ur, c.ﬁm ut
tota AB ad majus fegmentum AGC, it majus fe-
gmentum AC ad minus CB fc habuerit. ( AB.
AC:: AC.CB)

M) ( ABC, DEE), qpz & an- 17

¢ ACB = E. aque BC. CA::

. 11 Reciprocz au-

e ——— e o—————————
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e *fq’t

2 0.
bas.s..,

a3 1

b 38 1.

€ feh. 38.1.
d 6. def. §.
€ 41.1. &
15.5.

EVCLIDLIS Elementorsm.
A 1V. Altitudo cujufqs fi-
gurz ABC eft linea perpen~

dicularis AD , & vertice A
ad bafim BC deducta.

B

V. Ratioes ratianibus componi dicitur,chm
rationum quantitates inter fe multiplicatz , ali~
quam cfiecerimt ratiopem. o

Ut ratio A ad C, companituy ex vationibus A
o 3dC A B _A> AB
P& BulCommy €T =3¢

Paor. L :
A Triangula ABC,
Er—F aco, & poitieto.
gramma BC AE,
" CDEA, querum ¢a-
dem fusrit altitudo,
L\ ita febabent intey fe,
B C W Y sbysBC,CD,
* Accipe quotvis BG , HG iph BC zquales;
idem DI=CD. & conneQe AG, AH, Al
b Trianguls ACB, ABG, AGH zquantur; ® i-
tem triang. ACD = ADI. ergd triangulum
ACH um mnhiﬂexeﬁ trianguli ACB, Ruim
bafis HC, bafis BC. & xquemulsiplex eft tri-
ang, ACI trianguli ACD,ac bafis CI bafis CD,
edm igitur 6 HC =, =, = Cl, € erit fimiliter
wiang. AHC o, =, 72 ACT; 4 idedque BCy'
CD:: triang. ABC, ACD: : ¢ pgr. CB. CF.
Q.B.D. , o

schﬂf?:




Lbe VL & h

[ ) C IKE "M
Hinc, miowalz ABC, DEF, & parallelo-
wevm AGBC, DEFH, quorsm qw%w
& BC EF jta febabint 8t altitudines ALDK. .
3Sume IL=CB; & KM =EF;ac junge: 3. %
LA, LG,MD, MH. liquer efe triasg. ABG. . 7' J:
DEF -" ,b A}J.DKM € AI' DK::‘m ‘ A4 X. k
AGBC.DEFH. QE. D. - 15 5

Pror. 1L
A Siad.uswm trisnguli ABC,
o latwus BC pavallela dusta fusit
- proportiemsliser  fecabit gm :
trianguli latesa( AD. BD::
AEEC) Et fiwianguli ln~
& teva proportionaliter f1ita five«
vint ﬁ:D. BD D : Af.d EC)
o qwe ad feiliones D, B adpnida
Jueritredty linea DE, erit ad veliquumipfins trian-
gli latuS BC parallela, Ducantur CD, BE.

1. Hyp Quiatrisng, DEB*:== DECj berita 37.1.
triang. ADE. DEB™:: ADE. ECD. atqui b7. s
- triang. ADE.DBE¢:: AD, DB. & triang. ¢ 1. 6. _
ADE.DEC«:: AB.EC. 4ergd AD.DB 2 d 11, §-
AE. BC. . . '

3, Hyp QuisAD.DB:: AE. EC. ® hoce 1. &
eft kriang. -ADE, DBE :: ADE. ECD;

¢ crit eriang, DBE = RCD.$ ergd DE,BC £ 2 5°
funt paraliclz, Q. B.D, B
- : cbo

3

i
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116 E VCLIDIS Elementirsins
SCM.

Imé £ plures ad unum tﬁanguh fatus paral-
lelzdu&z fuerint,erunt omnia laterum fegmen-
ta propomonalu, ur facile deducxtu: ex hac.

I Pn 0 4 ., I I Ic ~ -t
o] . 8 tyianguls BAC
BAC bifariam [eftus fit ,ﬁ-
cans autem awgulum vefia li-
- nea AD fecurrit & bafim,
bafss fegmenta eawdem babe-
d  punt vationea,  quams veliqua
"R D .Ci ipfius triangls Latera(’BD,
DC - AB. AC. ) Etfibiafs. /‘egmbtuandem
" babeant vationems qumnl spfius tiiangals latee
+ ra( BD.DC:: AB. AC)rc&nh;mzAD e
vertice A ad j‘ea‘:gnem D dumﬂ, bifaviam fecas
manguh ipfius angulnm BAC.
.“Prodic BA; 8L fac AR = AC & junge CE.
1. Hyp. Quoniam AR = AC erit ang. ACE

7. 1o

.6, - 2. Hyp. Quoniam BA, AC (AE)

. 6, DC¢t eruﬁtLDA CE parallelz: sugo a‘n g.
2.1 BAD =E; &:a 2 DAC l:'-ACE':E,kct,.
‘1, goang. BAD=DAC. bileCtus 1gxtur eﬁ ang

EAC. QE D.
e o proerl IV.
R Co . xAquiangulorkms teiangu-
: lotum ABC,,DCE pro-
: . portionalia. funt latera, que
civcum aquales angulos B,
. ‘.(I?CB(A?BC..DC
: E, &c. ) & homeloga
0 B 1 G E funt Jatera AB, DC 8??.

3 guaqul;ﬁmmglduACB E &c. [nbtmdumr

Statue

L 1

Py

1. %:=E P=3}BAC <==DAC. dergd a,cr
-1 graﬂdz fans, ¢ quate BA. AB (AQ) 3D,
C. Q.E.D
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Lsber VL. - 117
Statue latus BC in dire@nm lateri CE, &
produc BA, ac EDrdonec? occurrant, 1 33.1.9
oniam ang. B b= ECB, ¢funt BF, CD } ;;’;_“‘
gra lel2. Trem quia ang: BCA b= CE ) <unt ¢ 28,1,
C4. EF parallele. Figura igitur CAFD eft
parallelogramma. 4 ergo AF = CD . ¢& AC d 34 .
= FD. Liguetigitur AB. AF (CD)e¢::BC,€ 3¢
CE. £ permutando igitur AB. £LC :- CD. CB, f 16. 5.
€item BC.CE :: FD. (AC) DE ¢ eigd per-

mutando.EC. AC:: CE.DE, quare etiam gex € 235+ © .

zquo AB.AC':: CD. DE. ergo, &c. .
S e,

Hinc AB.DC:: BC.CE ::AC.DE. |
St T Sehal, - - : o
-Hincfiin sriangulo FBE ducatur unilateri F. S
paraliels AG; it thiangulum ABC: finile coni :

-

FBE. - - Tt

ol

latera propertionss
F‘%a babeans: (A B.
C:: DK,

; Co G"
¥ ) eqaidnguld eruat i &-adussler Ymbi~
bpunzzas gg%f [ quitus hamologa latera fubten

duntir. . , ,
Ad latus EF *fac ang. FEG —='B; * §tang.'a 23. 1.
EFG= C, ® quarc etiamang. G = A. grgéfb,?;;"'
GE. EF ¢ 3 £'AB. BC :: ¢DE. EF. " ergd § |0
GE =DE. It;m GE.FE ¢: :'AC-‘ CB _d: Se 1t [ v g

DE.RE: ¢ ergd GF = DF. Trianghla'igitur & 9.5.
DEF. GEF fibi mutud zquilatera Tudc: € ergs £8. 1. » ~
ang. D = G=A.f& ang. FED=FEG =B~
sprpinde & ang, DFEZC, ergd &ev” -
L . oo - Pl oP,

3

g 3.5

e + s oy e T T

: Si dus’ triam o
A 4 D .. i ABC,DEF '

P U DU Iy



PR sace

2 A A

w“s

8

.lctmmpomulubdww (A BC : PE,
) P.F,) g cmt &y a ABC, DEF

EVCLIDIS Elmemmm )
 Pro>r. VI o A

85 dig trians
g" ABC,

EF umum i
Zulum B uxi Y5~
gus DEF g-
qualem, & cir-
. cwn 65 e
' DEF

‘r'

¢qual¢:quc chunt angwies, [wh guibis W‘E‘

4 [abtenduntar.

Ad atus EFfacang.’FEG_B, & ang.EFG
=, 2unde & ang. G:= A.engo GE. EF®::
AB.BC¢: ’DE BF ‘ag:d DB =.GB. arqui
angDBF"‘B‘ sergd ang..Da=
G: A, ® proinde qnamang- EFD C.

Q.ED.

‘Pnor. V II.
. 8 dup tria
D " ABC,DEF o
ulnm A wxi aggu-
o area
uiom alos
ABC, Elaterapro-

portiaualia  babeant
(AB. BC:: DE. EF),reItqmmmemf-

< C,But TR0y AN HOR MiNOYEM

‘r:aqm wla et tviamgula ABC,D!.F,

. aquales habeoyw: eos mgulo;, CrGRIR ques propertie=

. DE.EF:: AB. BC. *er OB
o171, aqg.BGC : BCG. nrgéang BGC. vch

Nanﬁ.&n ta& ﬁ:ang,:ABCc'E fac

" igitursng, ABG=E ; & ocummg&’::D,

b erit etiam ang AGB = réé AB.BGe¢:
BC. ferg

minor




Liber 1. . . 219
mainor eft retos ¢ preinde ang AGB, vel F re. g emi3.a,
Qo majoreft, ergo anguli C, & F non funte~

fpecxﬂ, contta Hyp.
Pror. VIIIL
Si in triamgulo ve-

- o i - Etangulo ABC,abm-

ul; Véfé! BA”C‘:“ in

afin BC. perpendicu-

lavis AD dutta i3

_ quie d WM;;I;-

yem 1vidngula
SABC f:‘: < ﬁ;:ill)c,ll:g‘fonm
1am pfaintey [e fimilia funs:

i wog BACH & BDASES CrA. & ;) 100
ang. BAD®=2 C. &CAD".:: B. ergo PeC B 35, 1
q..6 &1def 6. -

(ovol,

Hinc 1. BD.DAc€ ;:: DA, DC. € 146,
2. BC, AC:: AC. DC. & CB,
BA.::BA.BD.

Proe. IX.

¢

'. Allau rea
linea AB im-
) peratam partem
T AG auferre,

Ex A duc
iafinitam AC
urcung;,inqua
3 fime tres,a 31,

£z —Ip A, Dx,m:

cunque, ;unge FB, cui exD? duc panlhlan b a1,
DG. Dico falum. ;
‘Nam GB. AGe¢:: FD.AD. argddcom="S i hs
ponendo AB.AG : : AF, AD.ergd dm AD=} © ¥
AF, it AG= $AB. Q.E. F, Prop. '
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23t 1.

b
c
7.

2. 6.

EQCLID1S Elementorum

" Pror. X.

Daum‘reéfam Lineam

AB i(xz/i'c’tam‘ fimiliter

" Jecare (inF,G), ut

D N data altera AC ,)/’ét'r’z
fuerit (in D.E.)

Extremitates feQae

A F gmwm & infeltz jungat recta

B C. Huic ex punétis E,D * duc paraliclas
EG, DF re@z fecundz occurrentes in G, &
F. Dicofa§um. = ‘

3 Ducatur enigs DH parall. AB. Eftque AD.
DEb:: AFLFG, & DE.ECP:: DL IH ¢ 3;

i1 % FG.GB. Q.E.F.

Schelium,

.= '
r

i.
.

Hinc .difsima veftam datam AB in quatvis @«
quales partes (puta §.) fecare. id quod facililis
praftabitug fic. < o ’

Ducinfiniam AD,eiq; parallelam BH critm |
" ‘infinitam. Bx.his cape partes zquales AR, RS,
© SV, VN; & BZ,ZX, X T, TL; in fingulis und

pau--

.

i
(

!
3
s
|
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T

: Li&er V I . IZt;
pauciores, quim defiderentur in ABs tum re&e
ducantur LR, TS, XV, ZN, hz quinquife-
cabunt datam AB.

Nam RL, ST, VX, NZ ?parallele funt, 2 33. 1.
ergé quum AR,RS, SV, VN baquales finty b conftr.
cerunt AM, MO, OP, PQ_zquales. Similiter ¢ 3. 6.
quia BZ—ZX, erit BQ=QP. ergd AB. quin-
quife®a eff. Q. E.F. .

Pror. XL i

Datis dushiis
reétis lineis AB
AD. .tﬂ‘tiam

* proportionalem
C PISE invenire,

: Junge BD,
& ex AB prottadd fume BC=AD.per C
duc CE parall, BD. cui occurrat AD pro-
du&a in E. Erit DB expetita, :
Nam AB.BC. (AD):: AD.DE.QE.F, 12 4

‘ © Vel fic, fac ang. ABC reum
) & ang. ACD etiam reQum.
Ecn.t AB.BC ::BC.BD, b,

M Prod.

-



122 EUCLIDIS Elementornm.
Pror. XIIL

" ‘Tyibus datis veftk lineis DE, EF, DG, quar«

tam proportéondlems GH invenive. :
Conne&atur EG. per F duc FH parall. EG,
N cui occurrat DG produfta ad H. liquet effe
a6  DEEFuDG.GH, QE.F, '

D Ve iti, CD=CB+BD ad-
E apta circulo. Circino fume AB.
g3 3 Erit ABXBE==CBxBD. ® qua-

C = AB.C_BV::BD..BE.

Pror. XIIIL X
j Duabus datis re=

F &is lineu AE,EB,

mediam  proportis-

nalem E¥ adinve-
nire. -

A B Super tota AB
diametro defcribe femicirculum AFB. Ex E
erige perpendicularem BF occurrentem peri-
pheriz in F. Dico AE.BF :: EF.EB. Du-

#4326  canturenim AF, & FB. Ex trianguh'xc&ar‘:.-

: guli

e ——,

r
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guli' AFB refto angulo, dedu@a eft FE bafi

perpendicularis; ® ergo AE. FE :: FE. EB.b e, 8.4,

Q.E.F.

. Corofl. .

Hinc, linea re@1, quz in circulo 3 quovis
puncto diametri, ipfi diametro perpendicularis
ducitur ad circumferentiam ufque,media eft pro-
portionalis inter duo diametri fegmenta,

" Pror. XIV, .
e Auilinm , &
= H wwum ABC’M

EBG equalem ba-
. bemiwm angulum

A BZ ’ . pavalelogrammorum
_”!.‘."E.'. cof

B

> ."BD, BF reciproca
o funt latera,qua cire
R T I cum aquales angu~
lor. (AB.BG ::ER BC).: Et quorum paral -
lelogsammoium BD , . BF. wnum .angulum ABC
un angulo EBG  wqualem babentium , reciproca
Junt latera, qua Jircum agquales angulos, ila funt
ualia, é .
‘?\lmlm AB, BG circa zqualss angulos
fadiant unam re@tam, ? quar¢ EB, BC etiamdn

_-diz&um jacebunt. Producantur FG, DC; dp- 2 fib.15. 14

nec occwsrant, - e - - - .t bne .
‘1. Hy;. AB.RG>:: BD.BH ¢ » BF.BH ¢:: ¢ 7. 5.
BE.BC. ¢ergd, &, - S d ll 6.
2. Hy.BD.BH f:: AB. BGs:: BE.BC k2 § ;' %
BF.BH, kergo Pgr, BD.=BF. QE.D, g h”,‘
- ) I

ki & 9.5

"Ma Pror.-
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Pror. XV. :

A - < EgRalium, & U

ABC, uni DBE w#~

lum triangulovii ABC,
DBE, recipraca funt
B lateva, qua circum e~
. qudles angulss ( AB.
BE :: DB. BC): Et quorsm triangulorum ABC,

o  DBE, »mum amgulon ABC wii DBE agudem
babentium veciproca funt latera , que circum qua-

fes ﬁﬂa ( AB. BE :: DB. BC), illa funt

«qualia. .
Latera CB, BD circa #quales angulos, fta-

a feh. 15, 5, tuantur fibi indire@um; 2ergd ABE eft re@a
b 1e. linea. ducatur CE. '
§T é- 1, Hyp. AB. BE " :: 'triang. 'ABC. CBE
e i1 §. ©:: triang. DBE.CBE. ¢:: DB. BC. ¢ ergd,&c.
f1 6 2. Hyp. Triang. ABC.CBEf:: AB.BES::
g byps DB.BC* :; triang, DBE. CBE. * ergd triang.
hi.é  ABC=DBE. Q. B.D. .
k&5 Pror, XVI.
- '7 k .
|0,
1=
n . BB
FECN B F

S5 quatuer rele linte proportionales fuerint
{AB. FG.:: EF. CR), quad fub extremis AB,

CB co):fﬂbmditur veliangulum AC aquale oft €i5

quod fub mediis EF, FG comprebenditur 5 veCian-
gulo EG. Etfi fub extremis compiehenfum veltan-
gulem AC equale fuerit i, quod fub mediis com-
prebenditur, vectangulo EG, il quatuot velta linea
proportionales erunt (AB. FG :: EF. CB.).H
S 1. Hyp.

qualem babentiti angu~

-



' ». Liber VL Co lz;
1. Hyp. Anguli B, & F redii, ac'promde a 12.ax”
raresfunr_, atque ex hyy AB. FG :: EF. CL.

bergd Re@tang. AC=EG. Q. E. D. b 14.6.
2. Hyp. ¢ Re@tang. AC=EG; atque ang c by
B=F;dergd AB.FG:: EF.CB. Q E. D. d 14 6.

Corol. .

Hinc ad datam re@am lineam AB facile oft
datum’ re@angulum BG applicare, ¢ faciendo ¢ 6 & 1‘.“
AB. BF :: FG. BC.

Pror. XVIL

=l L

t(—:--——fB E‘v F

Ss tres velta lined fnt jmpomma[e: ( AB,
: EF.CB) , qwd fub extremis AB, CB

’ compnbmdmr Allamuium AC aquale eﬂ e,

quod & media BY, ggfcvibitur, quadrato EG. Et

J8 fub extremis As -CB comprebenfum reliangu-

lum AC, equale f it eiy quod-amedia BF , defcyi-

bitur, quadrato EG, ille tres reltalince prapwm-

nales erunt (AB. EF 2 EF CB). .
Accipe FG = EF.
L Hyp. AB. EF3:BF (FG). CB. erg6 2 m
Rectang, AC":EG‘-—EFq . E. D. a .
2. Hyp. Re@ang. AC ¢ = quadr. EG= ° '9 .10

EFq.c crgd-AB. EF :: FG (EF). BC. .

(iroll.
SxtAan...Cq ergo A.C.i:C. B.
M3 Prop]
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af23.1,

b confir.
c 32,1,

d 2.4x.

c4 6

£ 23, s,
g 6. def. 6,

a 116,

EVCLIDIS Elempiirim
Pror. XVIIL '

‘A data yefia linta AB ‘dutg veitilineo CEFD,
[fimile fimilitérque pojitum rectilinewm AGHB de-

~ [eribere,

Datum re&ilineum refolve in trian%ﬂa. 3
facang. ABH =D ? & ang. BAH =DCF;
& ang. AHG. =CFE; * &ang. HAG =
FCE. Reéilineum AGHB eft quzfitum,
Namang.B*=D. &ang, BAH = DCF.
€ quare ang. AHB = CFD; titem.ang. HAG
= FCE,® & ang. AHG = CFE. ¢quareang.
G=E; & totus ang. GAB ¢ ECD; & totus

. GHB ¢ = FED. Polygona igitur [ibi mutud

xquiangula funt, Porro, ob trigena zquiangu~
la, AB.BH ¢:: CD.DE. & AG: GH. ¢:: CE.
EF.item AG.AH. ¢:: CE. CF.& AH. AB¢ ::
CE,CD. fundeex 2zquo AG AB:: CE. CD.
eodem modo GH.HB :: ERgFD. sergo polyga-.

na ABHG, CDEE fimilia fimilitérque pofita

inﬁ“n‘.‘Q. E. F.' .
" Pror. XIX.

A Similia triane
o | D gula ABC,
DEF funtin

: duplicata rati-

. one lateviim bo-
mologorum BC

" G CE FEF
S Fiast BC,EF ::EF, BG: & ducatur AG.
’ Quia

<
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'Quia AB.DE b:: BC,EF ¢ ::'EF.BG.& ang. b e 4.6.
B=E ; derit triang. ABG = DEF. verim § <7
triang. ABC, ABG ¢::BC. BG; & f &<
_BC,. . . ABC. o ABC,__f»¢
= gy bis ergo triang. A-iovhoc é:ﬂ: baE® o lxox'.f;fif 5.

BC,.
EF bis. Q. E. D.

Coroll,

Hinc, fi tres linex BC, EF, BG proportic-
nales fuerint; ut eft prima ad tertiam, ith eft cvi-
ungulum fuper- primam BC defcriptum ad tri-
angulum fuper fecundam EF fimile, imilitérg;
dc%criptum. vel itd eft triangulum fuper fecun-
dam EF defcriptum ad triangulum fuper terti-
.am fimile fimilitérque defcriptum,

PROPr x Xa.

. Shmiliapolygona ABCDE, FGHIK in. fmilia
triangnla AB*, FGH ; & ACD, FHI, &
ADE , F!XK dividuntur; & .numero aqualia, ¢
bomnloge “tots. ( ABC. FGH :: ABCDE.
FGHIK :+ ACD. FH :: ADE, FIK.) Et
polygona ABCDE , FGHIK duplicatam babent
eam inter [e vationsm, qiam latus bome'ogum BC
ad bomologum latus GH. .
N M 4, 1. Nam
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2 byp.
b 6.6

< byp.*
d 3.ex..

€ 33.1.
f 19. 6,

g h &
16.§.

h fob. 23.8,
k125

" EUCLIDIS Elementorum

1, Namang. B * = G; & AB.BC*:: FG.
GH. ?ergd trian ABC FGH zquisnguls
funt, eodem modo,triangula AED, FKI afli-
milantur. ciim igiturang. BCA b= GHF; &
ang. ADE b = FIK ; totique anguli BCD,
GHI; atque toti CDE , HIK cpares fine, d re-
manentang, ACD =FHI; & ang. ADC =
FIH ; ¢ unde etiam ang. CAD =HFL ergo
triangula ACD, FHI fimilla fuat: ergd, &c.

2. Quoniam ig;tur triar;gélla BCA, GHE

CA

fimilia funt, ferit SHE= ¢R bis. ob eandem
CAD Cp_., . . DEA
cafam pe = fj bis- denig; triang, f= oz
1%-! bis. quare cdm BC, GHs:: CD. HI s::
DE. 1K, heric trx’:mg. BCA.GHF :: CAD.
HFI :: DEA. IKF :: k polyg. ABCDE,

FOHIK :: B2 bis,

G

- Caroll.
1. 'Hinc, fi fuerint tres linea reftz propor-
tionales; ut eft primaad tertiam, it erit poly-
onum fuper primam defcripturm ad pelygonum
{uper fecundam fimile , fimilitérque defcriptum,
vel itd erit polygonum fuper fecundam defcria.
prum ad polygpnum fuper tertiam fimile fimili=

* térque defcriprum,

! 18, 6,

Poniomlcm. -

Unde elicitur methodus fguram quamvis velti=
lineam augendi vel minuendi in ratione data, ut i
velis pentagoni, cujus latus CD diud facere quin-
tuplum.inter AB, & § AB invens mediam propor-
tivnalens. Super bac * cﬂu Dentagomim fmite
date. hec evit quintuplum dati.

2. Hinc criam, {i fignrarum fimilium homo.
loga lateta nota fuerint, etiam proportio figurae
rum innotefcet; nempe invenicndo tertiam pro=

Pror.
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Pror. XXIL..

F 1

W ¢ H abD =

42 (ABC, DIE) cidem reflilineo HEG:
funt fimilin, & inter fe [unt fimilia,

amang. A*=H=D. &ang, C* =G a 1. df 6.
a—E38tang, B3=F2=1.2item AB. AC ::.
HF. HG :: DI. DE, * & AC. CB::HG.
GF :: DE.BIL & AB.BC::HF, FG::DI..
1E. 3ergd ABC, DIE fimilia funt. Q, E. D..

Pror. XXII. o

X | L MN o '

/\
ATTRCTDE FG u
Si quaunor vella lince proportionales’ fucrint
(AB.CD E¥. GH. ) & ab cis rectilinea [~
yilia fimilitérque defiripta proportionalia cruate
ABL CDK ::EM.GO) Et §§ avelis lincis
milia (imilitévame defciip:avellilinea proportions—
Ba furrimt (ABLCDK :: EM. GO) ipfe etidi vea-
(le linea propottionales erun:.(\B.CD:EF.GH.)
" 1. Hyp. . é-l)—lli = AB bis} =JE:- _bis’:_E by
serd ABICPE — €D SGHS TG0, 1 gy
Serpo-AbLl (DK i EM. GO. Q F. D, <
i AB .. _ ABI /M FF y py.
% Hp. 5 bis= é‘ﬁk,b —Ga, — GH_c 208
bis.ergo AB.CD :ER.GH.QE,D. = d a2 5
M3, Sl
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EUCLEIDIS Elementorsm
© Schol.

Hinc deducitwry & demonfiratur vatio multiplie
candi quantitates furdas. ex gr. Sit 4/ § multi-
piicandus in 4/ 3. dico provenire 4/ rg. Nam
ex mukiplicationis definitione debet effe, 1.4/ 3 :3
o 5. produét. ergd per hanc, q.1.q.4/3:2q.
v §+ q. produ&.hoc eft. 1. 3:: 5. q. produ.
ergd q. produd, eft 1¢. quare 4/ 1§ ¢ft productus
exy/ 3iny/ 5. QE.D.

THEQR
) B

Sivele limea AB. felta fit utcunque in D, re=
Clangulum fub partibus AD, DB contentum , eft

medium pioportionale inter earam quadrats. Item

veclanyulum contentum [ub tora ABy & una parte
AD, vel DB, eft imedium propivtivnale inser qua=
dratum totis AB., & quadiatwm difia partis

- AD, vel DB. .

Super diametrum. AB defcribe- femicirculum..
ex D erige. normalem DE occurrentem periphe-
riz in E. junge AE, BE.

Liquet eflc AD. DE *::DE. DB. ® ergd,
ADq. DEq :: DEq. DBq. « hee-eft. ADq..
ADB::ADB.DBq. Q.E.D. n

Portd, BA. Ak d: AE. AD"¢ergd Biq..

AEq :: AEq. A"q. f hoceft BAq. BAD ;2 .

BAD. ADq. Eodem modo ABQ: ABD::
ABD. -Dq. Q.t.D.
Sic quidem P. Herigonius: fcité. Sed facilli-

~ m¢ haceaism & 1. 6 & 11, §. deduci pof

fanr, Prop,




; ’ Lih‘r VI.ﬂ - I3I ‘
- Pror. XXIII.

; . wiangula paralles
; £ D // i log;;‘tlm:ugc, CFin-
B Ly T e [e rationem  bibent
; ' eam qua €x lmmllx”é
2 I componitur. (2%:(6
%0 E E . l_)__C .

CE.
Latera circa zquales angulos C 2 fibi in di- a fib.15
re€um flaruantur; & compleatur parallclogram-
mum CH. - .
. AC, _AC CH ,_3BC DC
Ratio G =én +GF & 6. Te. b ic.);s:((f, 5.
- Q B. D - .
- - corll.

Hinc & ex 34, 1. patet primo, Tridngula, g Andr. Tacgu.
'S, wnwm angulum (ad Cg ualem babent, vativaein1s. 5.
babeve ex vationibus rectarwm, AC 2d CB, & LC

d CF, wqualem angulum continentism.
34 CFs aqualem amgitim Patet fecundd,

|
: : L Rettangula ac * pio- * 33 1..
o - - inde & pavallclo- :
i e . gravima quecuague
- e Bmtwrzem inter fe
y babere - compofiram
z.’ ex ratiomibus bafis -
‘ 1 ad bafim, & altis
x s tudiny ﬁd altity-
U ‘ ' dinem. Neque ali-
. F ter de trignguli's _ |
ratiocinaberis. - |
|
l

1>
O

Datet tertio, Quamodo trian: ulor- m ac pirale
Lelogy.ommorum  pro;or-io exhibeii poffit. Sunto
. parallelogramma X & Z 5 quorum bafes A ",
_ €B; altitudines veré L, CF, Fiat (L. CE :: *14.6, 8
€8. Q. * eric X.Z ;2 A . O, L6
] Dros.

] b



132 EQCLIDIS Elementorsm
Pror. XXIV. ~

m>

gramma EG, HPR, & toti
w N &rinter [e funt fimilia.
BLIM_Ne¢  Nam para elogramma.
EG, HE habent fingula unum angulum cum 0y
4 3.5 toto communem.? &rgo toti&.fbi mutud zqui-
angula (unt, 2Jtem tam triangula ABC, AEI,
IHC, quim triangula ADC, AGL IEC funt
b 4.6 inter fe 2quiangule. b ergd AE. EL:: AB.BC,
barque AE.Al :: AB. AC3P& ATL.AG.: AC,
¢ 22.5.  AD. cexzqualiigitur , AB. AG:: AB, AD.
d j. def, 6 dergd Pgra. EG, BO fimilia funr, codemmodg
HE, B v finilia funt, ergd, &c. .

Pror, X XV.. ;;
. D ¢

. e ..

-

AT ”“B"H

d LM N Q
Da'oveltilineo ABEDC fimile, finili*érqus po=-
Foum P, idémaue alteri dato’F aquale, conflitur .
@45 1 * Fac retang. AL ="ABEDC. bitem fuper-
2 44 L. BL fac:reftang, BM = F . Inter AB, BH cin-.
4% vepimediam proportionalem NO, fuper N[(‘);
4

e T, N a—

. e



Liber V-I. }35
& fac polygonum P fimiledato ABEDC. Erit d 18. 6.

boc zquale dato F. € ¢or. 20, 63

, Nam ABEDC (AL). P :: ¢ AB.BHf:: £ 1 ¢
.  AL.BM.agd PAI=BMM=F. QE.F. [ a0
g Pror. XXVI. )
o ) Si a pavallelogramme -
N A L B ABCD el sammaay
B AGFE dblatum [it, ¢ fi-
| H mile tatiy, & fimiiter poff-
; 16, COMmMBEm s €0 bg-
\ 1 ¢ bens angulum BAG , hoc
:‘ ) ciyca eandem cum toto dige
metrum AC confiftet..
| Si negas AC eflc communem diametrum,.

H1 parall. AE. Parallelogramma EI, DB 2 fi- a 24.°6,
milia funt.bergd AE.EH :: AD..DC «:: AE. b 1. 4¢f. 6.
EE.“PYOindC EH: EF. t'Q-' Bo A" DY 3 z""s. i -

ProP.. xvaL Lo fs,an

- Omuium pavallelo-

D N & gomomum AD,
A | AG ficundim ean-
’ : [ l dem rectam lincam
M A B applicatorum ,

F If \j I deficiemmimaue . fi-

N\l guris. parallelogram-

A . C KB msCE Kljn-

’ Libus, fi nilitérgs po~

s 5. ei KDy quod 3 dimidiadefcribitur, maxi-

mum eft AD, quod ad dimidium eft applicatwm, fi-
mile exiftens difectui K1,

Nim quia GE * == GC, addito communi'a 43: 1;.
KI, berit KE = CI <= AM.adde commune b z. ax -
€ G, derit AG = Ghom. M8L. {ed Ghom.fl 36. 1.
MBL ¢ —3 CE (AD). ergd AG 3 AD. ;. -
Q B D, ‘
2" Broga. -

=

) efto diameter AHQ fecans EF in H. & ducawr




134 EUCLIDIS Elementorum -
: Pror. XXVIIL '

/
@ C}/S/L;ZE]K
N E Z<B

Ad datam vectam lineam AB, dato rectilineo

- € aquale parallelogrammum AP applicare deficiens

figurd pavallelogrammi IR. | qua fimilis fit alteri

% 27. 6. parallelogrammo dato D. * Oportet autem datums

veclilinewm C, cui equale AP applicandum eft, non

- majus effe ev AF, quod ad dimidiam applicatuy, fi-

wiilibus exifiemibus defeltibus, & ejus AF quod

_ j;%zzﬂwmqﬁWamwsd%qhzl),adﬁhmkdb
o effe debet.

a 18 6. Bifeca AB in B, Super EB * fac Pzr. EG.
b /db. 45. 1 imile dato D. * sitque EG=C —+ I. “fac per,
¢ 25.6 NT=1; & fimile dato D,vel EG. duc diaine~

-trum FB.tac FO = KN; & FQ=XKT. Per
Q, & Qduc paralletas SR, QZ. parallelogram-

mum AP eft id quod queritur,
" . Nam parallelogramma D, EG, OQ, NT,
d confir. & ZR dfuntfimiliainter fe. Bt Pgr. EGe = NT
24-‘;& - C¢= OQ~+C; f quare C = Gnom,
£3.a0. OBQI=AQ4+PGEZAQ+EP =APR,

2,ax. QE.E, . )
430 Lo .

~

“Prope

|
|
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Pror. XXIX.

) = F G M ) G,
. . .
weravuvAY
K L oN TH s

Ad datam vecEam lineams AB -, datoveEilineo C
wquale pavallelogrammum AN applicare , excedens
Fgura paraiielogrammi OP, cua fimilis fit paralle-
logrammo alters date D, :

Bifeca AB in E. fuper EB 2 fac Pgr. EGfi- 2 18.6.
mile dato D. b sitg; pgr. HK = EG + C; & b a5.6.
fimile dato D, vel EG. fac FEL.¢ = IH;¢& ¢ 3. 1.
FGM = 1K, per L, Mduc parallelas RN,

MN. & AR parall. NM, Produc ABP, GBOv
‘Duc diametrum FBN. Pgr. AN eft quafitum.

Nam parallclogramma D , HK, LM, EG & cmfir.
$fimilia funt, ¢ ergd pgr: OP fimile eft pgro £ 34 6
LM,velD. itetmEM = HK f= EG . C. ‘;"ﬁ;

s ergd C = Gnom. ENG.atqui AL*= LB his, '
k= BM.lergd C.=x AN. Q E.F. k 43.1.

v 13, & 1,42
" Pror. XXX, |

B ’ Propofitd ve-
' Clam lineam ter-
X G H minatam KB ,,

extremi, ac me-~

: . - did ratione fe~
care. ( AB.

id AG : AG

PTE A F 6B.)
: ’ 4 Scca AB FRIE N
in G, itiut ABxBG = AGq. bergd BA. b 17 6,
AG:: AG. GB. QE. Il;l :

x Paopy



136 EY CLIDIS Elemintorim
rror. XXXL
) §

In relEmgulis triangulis BAC ; fisura quavis

BE 3 Latire BC recism angulum BAC /oo

dente, defiripia, aqualis eft fgwris TG, AL, que

priari illi BE fimits, & fimiliter pofisa & lasersbus

~ BA, AC vecGlum anguluns continensibus defcvia-
buntur. : .

Abangulo re&o BAC demitte perpendicus-

a ¢or.8.6. larem AD. Quoniam CB.CA*::CA.DC.

b @r. 206, derir BF. AL :: CB. DC; inverséque AL.

: BE :: DC. CB.Item quia BC,BA* :: BA.DRB:

kerit BE, BG :: BC, DB; ac invertendo, BG.

c24. 8. BF:; DB.BC. ¢ergé AL+BG:BF :: DC.

d. febol.145: DB. BC. dergd AL+BG=BEF: Q.E,D.

€ 2.6 Vel fic. BG.BE¢ :: BAq.BCq.© & AL.BF :::
£24.5, ACq. BCq. f ergd BG+AL.BF :: BAq..
g fib. 145, ACg. BCq. 8ergo cim BAq+-ACqh=BCaq..

bags  Mait BGALZBF. QB.D..
' " conlls

" Ex hac propofitione, addi poflunt; & fubtrahi:

Bgure quavis fimiles, eidem methodo, qui quae
drata adduntur. & {ubtrabuntur,in khoi.47.1.

3

BRO}f.




Pror. XXXIIL .
‘ Si duo triangula
y. *  ABC, DCE,qe
, D . duo latera duobs
 laseyibus proportiee
nalia habeant (AB.
e B AC:DC,DE),
% < B [ecundiim unum an-

gulum: ACD compofita fuerine , iti ut bomologa
eorum lateva fint etiam pavaliels ( AB ad DC,
& ACad DE ) : tum reliqua illorum tyiangu-
lorum latera BC,CR in vectam linem colocata
_vepevientur. . .
Nam ang. A*=ACD=D; & AB.; 3. 1.
AC®:: DC. DE. ergd ang. p=DCE. ergd o 2.
ang. B AS=ACE. fed ang. B+ A ACBe=1d 2, ax.
Red. fergd ang. ACE+ACB=2 Re@. scrgd ¢ 3% I
BCE cft re@ta linea. Q. E. D. ' fr. o

Pror. XXXIIL L

In squalibus civelii DBCA, HEGP, anguli
BDC, FHG candems babent yationem cum peri~
pheriis BC,FG, quibus infiftunt's five ad centra
(ut BDC,F¥HG ), five ad peripherias A, B
conflituti infiffant ; infper verd & feilores BDC,
FHG, quippe i ad centra confisians,

: N3 Duc

ey o




138

a 28. 3.
b 27,3,

LS.

EVCLIDIS Elementorsm

Duc re@ss BC. FG. Accommoda CT==CB;
& GL==FG=LP; & junge DI, HL, HP.
- Arcus BC *=CI, *item arcus FG,GL,LP
squantur, " ergdé ang, BDC=CDI. ® & ang.
FGH=GHL=LHP. Ergo arcus BI tam muf-
tiplex eft arclis BC, quim ang. BDI anguli
BDC. paritérque zquemultiplex eft arcus FP
arclis FG;atque ang. FHP anguli FHG. Ve-
rim fi arcus BI o=, =,=3 FP, ©erit imiliter
ang. BDI -, =, FHP. erg6 arc. BC.FG4::

" ang. BOC. FHG ¢:: BDC. FHG f:: A E.

- 2 3
QE.D. .
" Rurfus ang. BMC ¢== CNT; B atque idcirco

fegm. BCM = CIN. * jtem triang.!BDC= .

CDI, fergo fe@tor BDCM=CDIN. Simili
ratione fe&ores FHG, GHL, LHP zquantur.
Quum igitur prout arcus Bl o=, =, ~3 FGP, ita

fimiljter feStor BDI c=,==,~ FHP, = erit fe&.

BDC.FHG::arc. BC.FG. QE.D.

Coroll.
132:: 5. wt fellor ad feovem, fic angulue ad

mgz. Ang. BDC incentroeft ad 4 refos, ut ar-
cus BC cui infiftit ad totam circumferentiam.
Nam ut ang, BDC ad reum ; Gic arcus BC
ad quadrantem. ergd BDC eftad 4 Reltos,ut
arcus BC ad 4 quadrantes; id-eft ad totam cir-
cumf;rentiam. item ang, A. ¢ Re@t :: are, BC,
eriph. - :
P- ine ‘3. Inequalium.cirvcalorum avcus TL,RC,
qui aquales [ubtendunt , five ad centray ut
IAL & BAC, five ‘ad pevipheriam 5 [unt fi-
miles, . ,
- Nam IL, periph. :: ang. JAL, ( BAC.).
4 Re&, item acc. BC. periph :: ang. BAC,
. o 4 Ret,

i
f
!
i
i
i
}
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4.Red&. ergd IL. peript: :: BC. periph. proin-
~ de arcus IL, & BC funt ﬁmxlcs llnde

. Due femidiamerri AB, AC i cmmﬂm
twbm dicus auferint fimides 1L, BC.

N 4 | ,'LIB‘,‘
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LIB. VII
Definstiones.

N@ Nitas eft, fecundim quam u-
} numquodg; eorum qua funt,
unum dicitur.
© 11. Numerusautem eft, ex
& unitatibus compofita multi-
“. tudo, .
IIL Parseft numerus numeri , minor ma-
joris, quum minor metitur majosem.
Omnis pars ab eo numero nomen-fivi [umit, per
quem ipfa aumerwm 5 cujs eff pars, mesithrs ut 4
dicitur tertia pars mumers 115 quia ek 32

per 3

I V. Partes autem, ciim non metitur,

Paytes quecunque momen accipiunt 3 dnobss illjs
JUIBELiS, e qUOS IBAXIING COMMKIS duorisms nime-
YOrum menfira KiYRINGUE corkm meEtitur. wt 10 di-
citur § numeri 12, ¢5 quod Maxima communis men-
[ura, nempe §, metitur 10 per 2,6 15. per 3o

V. Multiplex verd major minoris, cim ma-
jorem metitur minor,

. V1. Par numerus eft , qui bifariam divi-
ditur.
V11, Impar vero numerus, qui bifariam
non dividitur, vel qui unitate differt A pari.
VIIL Pariter par numerus eft , quem par
numerus metitur per numerum parem.

I X. Pariter autem impareft , quem par au- .

merus metitur per numerum imparem,

X. Impariter verd impar numeruseft ; quem
impar numerus metitur per numerum imparem,

X 1. Primus aumerus eft, quem fola unitas
metitur, '

X11. Primi inter fe numeri funt, quos fola
unitas, communis menfura metitur.
' XIIL Com-.

«

.‘
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- Liber VI,

X I11, Compofitus numerus eft,quem nu-
merus quifpiam metitur,

XIV. Compofiti autem inter fe numeri
funt, quos numerus aliquis communis meafura
metinur, C : '

In bac defimitione & precedenti unitas non eff
sumeris, /

X V. Numerus numerum multiplicace dici-
tur, chm toties compofitus fuerit is , qui multi-
plicarir, quot funt in ipfo multiplicante unita-
tes, & procreatus fuerit aliquis,

* " Hinc, inomni muliiplicatione unitas eft ad mule
tiplicatorer ut multiplicatus ad productum,
" Notayawdd [ape cum multiplicandi funt quivis
numersputa A in B fliterarum conjunitio produitim
denotat. Sic AB = Ain B.item COE =C ia
Dige. . . ST
- X VI, Cin autem. dao numeti fefe multi-
plicantes aliquem fecerine , qui fa&ns evit, pla-
Rus appellabitur, Qui veré numeri fefe mutud
mulriplicarint, latera illius dicentur. Sic 2 (C)

in3 (D) =6=CD, efymmerus plaues.

XV II. CimVero tres numeri mutud fefe
muhi_plicames -fecerint aliquem,} qui. procreatus
erit, {olidus appellabitur; qui autem numeri mu~
tud fefe muleiplicirine , latera illius dicentyr,
Sic,2(C) in3 (D) ins (B) =30= CDE
eft numerus folidus. .

XVIITL. Q:l{admtlls namerus eft, qui 2qua-

Liter zqualis, vel qui fub duobus qualibus nu-

meris continetur, Sit Alatus quadrati 3 quadya-
sus fic motatwr o  AAvel Aq.
- X1 X. Cubus verd, qui zqualiter zqualis
2qualiter, vel qui fub tribus 2qualibus numeris
continetar. Sit A latus cubi 5 cwbus notwtur fic,
AAA,vel AC. . : )

In bac definitione, & tvibus pracedenmibus, uni-

X X. Nu-

- bas eft numerns.
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X X. Numeri proportionales funt, cim pri-
mus iccundi, & tertius quarti equemujupiex cft,
vel caden pass; vel deniq, cam pars primi fecun-
dum, & exdem pars tereii 2qué metitér quate
tum , veivice versd. A.B:: C.D. hoc eft 3.

9::§. 13

X X 1. Similes plani, & folidi numeri funt,
-qui proportionalia habent latera. ‘

Latcra nempe non qualibet, fed quadam, . .
- X X11. Perfefus numerus eft, qui fujsipG=
us partibus eft 2qualis. .
- Ue 6. & 28, Numerus verd qui [uis ipfius par-
tibus minor eft, abundans appellatury qus verd ma-
jor, diminutus, w 13 eft abundans, 1§ cft dimi=
mutns,

X XI1I, ,Numerus numerym metiri dicie
tur per illum numerim, quem nultiplicans, vel
3 quo.muleiplicatus, iHum producit., .~ . *©
" In divifione, wnitas eft ad quotientem, ut divis
dems ad divifum, - Nota, qudd niumerus alteri line=
old interjecta. fubferiptus- divifioiem denolat 5 Sic
% = Adivil. per B, item & =CinAdivif.
per P, _ ;

Termini, five radices proportionis dicuntur
duo numert, quibusin eddem proportione mino<
fes fumi nequennt, - ' ' '

~ Poftalata. :
1. T) Oftuletir, cuiliber numero quotlibet
fumi poffe 2quales, vel multiplices,

2. Quoliber numero fumi pofle majorem.

3.- Additio, fubtra@tio, multiplicatio, divifio,
extra&tionésque radicum, feu laterum numero-
rum quadratorum, & cuborum conceduntur
etiam, tanquam poffibilia,

" dAxiomata




]

Liber V1.

_ eA xivmara.
1. Wicquid conveni uni 2qualium nume<
rarum, convenit & reliquis 2qualibus
‘numeris.
2. Partes eidem parti, vel iifdem partibus

* exdem, funt quoque inter fe czdem. _
_te 3 Quinumeri zqualium numerorum’, vel

efjufdgm, exdem partes fuerint, quales inter fo
unt, . . :

4. Quorum idem numerus, vel zquales, ez~

dem partes fuerint, 2quales inter fe funt.
§. Unitas omnem numerum per unitates,que

in ipfo funt, hoc eft per ipflummet numerum me-

titur.
tatem.

jucm produxerit , metietur multiplicans pro-
u@um per multiplicatum, multiplicatus autem
eundem per multiplicantem.

Hinc nullus mumevas primws plasus eff ayt folie
dus, quadratus, vel cubus.

8. Si numerus numerum metiatur, & ille per-

quem metitur, eundem metietur per. eas, quz in
metiente funt, unitates, hoc eft per ipfum nume-
rum metientem. - o
. 9. Si numerns numerum metiens, multiplices
eum, per quem mctitur, vel ab eo multiplicerur,
ilium quem metitur, producit,.
10. Numerus quotcunque numeros metiensy
¢ompofitum quoque ex ipfis metitug, ,
11, Numerus quemcunque numerum meti=
ens, metitur quoque omném numeruy, gugm‘
ille metitur. ) -
- 12, Num rus metiens sotum, & ablatum,
metitor & reliquum, .

Pror.

6. Omnis nemerus fipfum, metitur per.uni«

7+ Si numerus numerum mulciplicans, alie

143
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a 11.4x 7.

b 12, 4x.7.

\c-,.lt.l.

a 6,4x. 7,

| BN A

c conflr.
d 1,ax.7.

€ 12, a4x.7,

EUCLIDIS Elemintorwni
Pror. I

AuwnE.G.B 8 53 Si duobusmmeris
CwFuD 134 Inequdibes propofitis
H--- (AB,CD)) detra-
. © . batur femper minor |
CD de majore AB ( & reliquus BB de CD ¢
&c.) dternd quidam detvailione, neque veliquus .
pracedentem metiztur, quoad affumpta fit
umtas GU3 qui principio propofits funt numeri AB,
€D primi tater (2 eraat.

Si negas, abeant AB,CD communem men-
furam, numerum H. Ergé H metiens CD,
dctiam A B metitur ; proinde & reliquum EB;
3ergo & CF, arque ? idcirco reliquum FDj
2 quare & iﬁfum EG; fed torum EB meticharur;
bergd & reliquum GB metitur, numerus uni-

-

tatem. ©Q.E. A,

Pror. 1L :
9 6 Dudhus mime~
A Evie B 15 9 6 risdatis AB;CD
6 3 - non primisinter [e, I
CueFu D 2 $1 maximam eornm
G--- consmunens menfi~
ram FD repensre.

Detrahe minorem numerum CD ex majori
AB, quoties potes. Sinihil relinquitar, * pater |
jpfum CD effe maximam communem menfu- |
ram. Si relinquitur aliquid EB, deme hunc ex
CD; & reliquum FD ex EB, & fic deinceps
donec aliquis FD pracedentem EB metiatur,

nam ¥hoc fretantequam ad unitatem perveni-
dtut ) Prit FD maxima communis menfura,

am FD ¢mctitur EB, didebque & CF3

¢ proinde & totum CDjdergd iplum AE; atqs
idcircd totum AB metitur, Liquetigitur FD
commuacm effe menfuram, Si maximam effe ne-
. g3s,

|
|
j
!
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as, fit major quzepiam G. ergd G metiens CD,
metitur AE , ¢ & reliquum EB , 4ipfiimque
‘CF, ¢ proinde & reliquum FD, ¢ major mino- E Luppf.
) 2. ax, £

Coroll. .

Hinc, numeérus metiens duos numeros, me-

titur quoque maximam eorum communem men-

furam. .
L)

Pror. 1I1L
A e 12 Tribus memeris dats AB,C
B s 8 non. primis inter fe , maximans
D....4 eorum communcs menfaram B
C.6 veperire, .
E.2 Inveni D maximam com-
Fam- munem menfuram duori A,;B.

" §i D metitur tertium Csliquet

D maximam et trium communem menfuram.
$i D non metitur C, erunt faltem D,& C com=
pofii inter fe, ex coroll. pracedentis. Sit igi-
tur iplorum D, & C maxima communis men-
fura B. erit E is, quem quaris.

Nam E * metitur C, & Dj?ac Diplos A, & 3 ¢nfir.
B metitur; b ergd E metitur fingulos A,B,C; b 1. ax.7.
nec major aliquis ( F ) eos metietur; nam fi hoc
affirmas, < ergd Fmetiens A, & B, corum ma- € ¢ 1.7
ximam communem menfuram D metitur. Eo-
dem modo, F metiens D, & C, ¢ corum maxi-
mam communem menfuram E , 4 major mi- & fippef

" norem, metitur. ¢ Q. E. A. » ¢zl

Coroll.

Hinc, numerus metiens tres Aumeros, maxi=
mam quoque earum co.nmunem menfuram me-
titur,

© Prer.
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a 4. defi 7.
b 3. def 7.

c 4 def 7.

a bsp.

b confl.
& 2, 4ax. 1.

c 2,41 1.

EVCLIDIS Elementorsm

Pror. 1IV.
A...6 Omnis numerus A o onenis
Buw7 numeri B, minor majoricy ant
B weener 18 pars efd, aut partes.
B 90 $i A, & B primi fint

. . inter fe, 2 eriv A tot par~
tes nument B, quot funt in A unitates. (ut
6=% 7.) Sin A metiatur B,*liquet A effe par-
tem ipfius B. (ut 6=} 18.“)"deniquc iA, &
B aliter cempofiti inter fe fuerint, ©maxima
communis menfura determinabit, quot partes A
cenficiat ipfius B; ut 6=} 9.

Prop. V.
[ P D..s
6 6

4 4
BuwiGuw.Cr2. E.H..F3

Si mumerus A numeri BC pars fuevit, & alter
D alterius B eadcm pars 3 ¢ [imul uterque
( A—+D ) wviusque fimuel ( BC—+EF ) eadem
pars evit, que unes A wnins BC,

Nam fi BC in fuas partes BG, GC ipfi A
xquales; atque EF in fuas partes FH, HF ipi
D xqua'es refolvantur; * erit numerus partium
in BC 2qualis numero partium in EF. Quum
igitw AeD b=3G+EH==GC~-HF, erit
A+D toties in BC~+EF, quotics A in BC.

. E.D.
Vel fic breviis. Sit 2==x & b=y <ergd
2

2
a+b=x+y=x+y. QE.D,
2 2 2

Propr.
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. Pror. VI.
3 3 4 4 Si mu-
A..G..Bé6 D..H..E8 muyu AB
Cuvenn 9 ) S 12 mumeri C

partes fuevit; & alter DE altevius F edem partes
<& fimud uterq; (A B—+DE Yutriufq; fimul (C—+F)
eadem partes evit, qua wnws AB unius C.
Divide AB in fuas partes AG, GB; &
DB in fuas DH, HE. Partiumin utroque
AB, DE zqualis eft multitudo, ex hypoth.

" Quum igitur AG?fit eadem pars numeri C, a byp.

quz DH_numeri F, berit AG4+DH eadem p 5. 7.
Ears compofiti C+F,quze unus AG unius C. .

Eadem modo GB~+HE eadem parseft ejul-
dem C—+F, quz unus G3 unius C; cergd ¢ 2. ax. 7.
AB_DE cxdem partes eft ipfius CF, qua
ABipliusC. Q.E.D. »

Vel fic. Sit a=}x, & b=}y. dergyasb=a 2 ax 1.
(2 }y=%y+x QE.D. - :

Propr. VII R
s 3 A numerus
A..B.BS AB  nmumei -
€ 30 6 CD pars fue-
vowne C eersesrses Foronne D16 7. qulis abe
G ¢ ! Iat;: AE ab-

lati CF; & veligwss EB reliaui FD eadem pars
erity qualis torus AB totiien CD. ; :

*Sit EB eadem pars numeri GC, quz AB 4 1. pog. 5,
ipfius CD, vel AE ipfius CF. *crgd AE —+ B ¢ -
cadem eft pars ipfius CF -+ GC,quz AEipfius = '
CF,vel AB iplius CD. ¢ergd GF=CD au- ¢ 6. ax. 1.
fer conmunem CF, 4 manet GC = Fi).cergd d 3. ax. ;.

" EB eadem eft parsreliqui FD (GC) qua totus e z.42.7.

AB totius CB. Q.E. D.

Velfic. Sita+b=x3;& c4d=y;atque
tamx—=3y; quamacz=3 ¢; dicob=3 d. Nam
3¢+ 3df=3y=xt=a— b, auicr uring; £ 1.2
3cs =a&*romanct3d =b. Q. E.D. 8 b

- Oz Proep.
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h 3 ax 1,
a 3. 4% 1,
Lo onitr.

¢ 3.4ax. I,

d 7.7

e 9 ax. 7.

fr 2.
g 5, 4x. L.
h byp.
k 3 ax. 1,
1 8,4x.7.

"EVCLIDIS Elementorwmm.
ProPr. VIII,

6 2 4 3 2 Si nume-

A.uu-HnGnuBuLu B 16 Tus AB ni-
18 6 mevi CD

C -.oo.;.u‘uuo--..F a.unD 24 parees fuerit,
: quales  abla-

tus AE ablats CF3 & reliquus BB reliqui FD e~
dem partes cvit, quales totus AB totius CD.

Seca AB in AG, GB partes numeri CD; i-
tem AE in AH, HE partes numeri CF; & fu-
me GL = AH = HE; *quare HG= EL. &
quia® AG =GB, ¢ ¢tiam HG=LM Cim i-
gitur.totus AG eadem fit pars totius CD, quae
ablatus AH ablati CF ; ¢ erit reliquus HG,
vel EL eadem ‘etiam pars reliqui FD, quz
AG iplius CD. Eodem pa&o, quia GB eadem -
pars eft rotius CD, quz HE,vel GL ipfius CF,
4 eritreliquus LB eadem pars reliqui ED, qua
GB totius CD; ergd EL + LB 2EB) cxdem
eft partes reliqui FD, qua totus AB totius CD,

. 6. D,

Vel fic facilids. Sita s b=x &cpd=y,

Ttemtamy = $ x; quim c =§a; vel ¢quod
—z2b

<ddemeft,3y=2x; & 3c=1a Dicod=3b

Nam3 ¢4 3df=3y=2xf= 2a42ab,
Sefgd 3 ¢ «+ 3 d= 2a—+ zb. aufer utrinque
3ch=2a;&kmaner3 d== 2 blergdo d = b,

QED.

Pror. 1X.
At Si ommerus A mumeri
4 4 BC pars [uerit, & alter D
B..Gu.. C8  altevius BF eadem pars, &
5D .. 5 wicifim qua pars ¢ft , aut

E . Hooooo F 1o potes primus A testu D jeas
- dem pars erit , vil exdem
partes & fecindas BC quarti EF, ‘

-

Poni-

'

e+ ———



- | e - e

A

R

A

LY

) Liber VII. . 149
Ponitur A =3 D. Sintigitur BG, GC, &

- EH, HF partes numerorum BC, EF, hz ipfi A,

ille ipG D pares, Utrinjue multitudo partjum
2qualis ponitur, Liquet verd BG 2 eandem ef’e a 1. 4x. 7,
partem, aut eafdem partes ipfius EH, quz GC & 4-7-
ipfius HF; > quare BC (BG — GC) ipfius D 5> Vel 67
EF (BEH — HF ) eadem pars eft aut partess
quz unus BG (A) uniusEH ( D) Q. E. D.

Velfic; Sit a= b, &c=d. dicoa 1.ax 74

o 3 3
c= d. Nam ¢ 2 =3d =d.
PR 3 b
Pror. X.
A.G.Bs Si numerns AB numevi C
C.t6 partes fuerit & alter DE al-
] ] terius ¥ eadem pavtes : Et

D...H.w.B1o wicifsim qua partes cft pri-
Fovnnmene 1§ mis AB tertii DE, aut
' pars : Ezdem partes eiit &°
fecundis C quarti F 5 aut pars. '
Ponitur AB— DE, & C— F, Sint AG,
GB, & DH, HE partes numerorum C, & F,
tot nempe in AB, quot in DB. Conftat AG
-ipfius C eandem efle partem, quz DH ipGius F.
3 quare viciflim AG ipfius DH, paritérque GB 4 , -,
ipfius HE, &b proiade conjun&tim AB ipfius, ¢ & 9 7,
DE eadem pars erit, aut partes, quze C ipfius F.

.B.D, ,
%ppiime potes fecundam pracedentis demons
fteationem ctiam huic, ’

Prop. XI. : -
4 3 ~ 8i fuerity ut totus AB ‘
A..B..B7 ad totum CD, iti ablatus
8 6 AE ad ablatam CF; &

C unnuF sevsne D !4 Yéi j HHS EB-ﬂd 'feﬁ 7%/ 3
“ qu 3 qPD



B L e

, 158 EUCLIDIS Elementorum

- ¥D erit, ut torus AB ad totam CD.

a 4.7 Sit primd AB =2 CD, 2erg6 AB vel pars

b 20.def.  eft, vel partes numeri CD; beademque pars eft,

¢ 7,vel 8.7, vel partes iple AE ipfius CF; cergd reliquus EB
reliqui FD eadem pars eft, aut partes, quz totus
AB totius CD. bergsé AB. CD ::EB. FD.
Sin fuerit AB .= CDj; eodein modo erit juxta
modd oftenfa, CD. AB:: FD.EB.ergd in-
vertendo AB.CD : : BB. FD.

Prop. XIL

A, 4. C, 3. B, 3. Sifintquotcungs ni=
B, 8. D, 4. ¥, 6. meri proportienales ( Ao
B::C.D::EF)e-

vit quemadmodum wwus aniecedentium A ad wnum
confequentinm B, itd omnes antecedentes ( A =
C —+ B ) ad amzes confequentes (B4 D —+ F),
Sint primd, A, C, E minores,quim B,D, F.

- a™20, def. 7. ergd (propter eafdem rationes ) 3 erit A cadem

b 5, &6.7. parsaut partes ipfius B, quz Cipfius D, b ergd
conjun&tim A —+ Ccadem erit pars aut partes
ipfius B + Dj quz unus A unius B. Similiter
A -+ C B eadem pars eft, aut partes iphus

¢ 20.def.7» B+ D + F, quz Aipfius B. cergo A 4 Cte

B B.B+D o F:: A.B. QED. Sin A,CE,
ipfis B, D, F msjores ponantur, idem oftende-
tur invertendas

Pror. XIII

: St quatuor numeyi proporti=
Ky 3. Cy 4. onales fint (A, B::C.D.
B, 5. D, 12. & wiciffim piopostionales e

wunt (A.C::B.D.)
Sint primg A, & C ipfis B, & D minores,
1 20. def. 7, atque A =2 C. Ob candem proportioném,? eric
5 3 & 107. A cadem pars, aut partes iplius B, quz C ipfus
' D, b ergd viciflim A ipftus C eaden pars eft,aut
partes, quz B ipfius D. ergd A.C:: B. DASm
: c

—-
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A = C; atque A, & C majores flatnantar,
quim B, & D, eadem res erit, propartiones in-
vertendo. .

Pror, XIV.

A 9. D6, Si fint quotcunque mumevi

B, 6. B, 4. AB,C, & diitatidem D.E,F

C, 3. ¥, 2. illis equales muliitudine, qui biui -
fumantur., & in eadems ration:

(A.B::D.E, &B.C::E.F) etiamer -

gualitate in eadem ratione evumt, (A.C ::D F).

Nam quia A.B :: D, E, ? erit viciflim,a.D 214 13,7,
B. B ::% C. F. 2ergd iterum permutando
A.C::D.F, QED. ..

Propr. XV,

1. D. Si unitas numerian qucn-
B . 3. B b, piam B metiaturs aque antens
alter uwmerus D allerum
quendam numecum B metiaturs & vicifim equé
wnit.s tertium pumerwm D metietyr, & {ecundus B
quartum E. Lo
Nam quia 1 eft eadem parsipfius B, que D
iplus E, * erit viciflim 1t cadem pars ipus D, 57, 5,
quz BipfiusE. Q, E. D, .

Pror. XVI.
Si dus numeri A, B fefe
‘B, . A3 mutity multiplicantes  fece-
A,3. B, 4. rint aliquos AB, BA, geni-
AD, 2. BA, 13, tiexipfis AB, BA equiles
- igter fe erant,
Nam quia AB == Ain B, *erit 1 in A toti- 5 15, df. 5.
ts quoties Bin AB. P ergo viciflim 1 in B toties b 15. 7.
erit, quoties A in AB. atqui quoniam BA= B¢ 4 @ 7.
in A, % erit 1 in B toties, quoties A in BA. er-
g6 quoties 1 in AB,toties 1in BA 3 & ©pro-
inde AB= BA. Q E. D. .
Co- O 4 Pron..

[{ QR
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a 15.def. 7,

b 20.4def. 7,

© € 134 7.

a2 16. 7.

»17. 7.

EUCLIDIS Elementornm.

Pxor. XVII. ,

A, 3. Si numevus A dues nu=
B,2. C.4 wmeres B . C multiplicans fe-
AB,6. AC,13. ceritligues AB, AC 5 ge~

nits ex spfis eandem ratro-
wem babehunt , quam midtiplicati. ( AB. AC ::
B.C : :

Nam quia AB=< Ain B, 2erit 1 toties, in
Aquoties B in AB.2item quia AC ='Ain C,
erit 1 toties in A, quoties C-in AC. ergd quo-
ties Bin AB, toties g.,,in AC. ¢ B. AB :2
CAHAC. cergd vicifim, B. C::AB, AC.
Q. E. D, ‘ \A\
Pror. XVIII,

G s. C,s. 84 duo mumeti A, B,
A, 3. B, 9. nmlnerzm quempiam  C
AC, v§. BC, ag. wwitiplicantes fecevint a-

7 5 ’_“ ligus AC , BCs. geriti
ex ipfis eandem vationem habebunt , quams multipli-
cantes. (A.B:: AC. BC.) )

Nam AC*=CA; & tC*=CB;ficidem
C multiplicans A, & B producit AC, & BC:
Yergd A.B:: AC.BC, Q.E. D,

Schel.

Ex his pendet modus vulgaris reducendi fra-
&iones (4,3 ) ad candem denominationem.
Nam duc gtamin 3, quidmin g, proveniunt
%1 = % quoniam ex his, 3. § :: 27, 43, item

duc § in7,&g,prodeunt £3=3. quia 7.9:2 _ ' \

. 4.
35 4 Pror. XIX,

A;4.B,6. C,8.D,12,  Sigquatutr nu-

A D, 48. BC, 48, mevi proportionas

des fuerinr, (A B::

C. D)3 qui ex primo & quarte fit mumerus AD,

acuali eft i , qui ex fecundo & tertie fit, uu};nérn

-




_ Liber V LT, 153

BC. Etf qui ex primo & quarto fi mumerys ADy
aqualis it i 5 qui ex fecundo & tertio fity numero -
BC, 3pfi quatuor nwmeri proportionales erunt,
(A.B:C.D T aan

1, Hyp. Nam AC. AD*::C. D Pz A, b byg. ,
Be: AC.BC. dergd AD = BC. Q.E. D. § /574

2, Hyp. Quoniam ¢ AD = BC, erit AC. ¢ jp.”
AD f:: AC.BC. SedAC,AD £:: C.D. & f 7. 5.
ACBC*:: AB. *ergd C.D:: A.B.Q.E. D, i ll'/; ';' LA

Pror. XX. k1t 5.

A. B .C.  Sitres mumeyiproportiona-
4. 6. 9. les fuevint A.B:: B.C.)
AC,36.BB,36. qui fub extremis continetur
D, 60 (AC) E) ‘q“di‘ e‘ﬂ ei, qm

amedio efficitur (BB). Etfi

qui [ib extremis continetur (AC) mqualis fuerit ci
(Bq), qui fub meali;ia, ipfi tres mumeyi proportio~

nales evunt (—i- & -é-), arar. 7.
1. Hyp. Nam fume D =B. 2 ergd A.B 1y ;5 ;o
D (B). C. * quare AC = BD, 2 vel LB.
Q. E. D. . ] ¢ byp
2. Hypp. Quia AC «=BD,derit A B D d 1y 7
(®). C. Q.E.D.,
Pror. XXI.

" A GBS E s 10, Numeri AB ,

C.H.D3 F....6 - €D minimiom-

niwm eandem cuns _
ess vationem babemium (E,F) metiuntur aqué nu~
mevos B, ¥ eandem cwm eis vationem babentes, ma— .
1or quidem AB majorem & , winor verd CD mi- %,
nwem F. , .

Nam AB. CD 2:: E. F.® ergd viciffim a by~
AB. E=CD. F. cergd AB eadem pars efty b 13. 7
vel partes ipfius E, que CD ipfius F. Non par- © > 7
tes, nam fi itd, Gint AG, GB partes numeri E;

& CH, HDarwes numeri F. €er;d AG. E i3
: - O CH.



154 EUVCLIDIS Elementorum

d13.7.  CH.Fs & permutando AG.CH ¢::E. F ¢
€ bype AB. CD, ergd AR, CD non funt minimi in
fud ratione, contra hypoth. ergd, &c.,

Pror. XXII

A, 4. D,12. S fuerint tres numeri A, B,
B,3. E,8. C;¢ dii ibfis multitudine a-
€,2. F,6. quales D B, 5 quibink fu-
- mantur , & in eadem vationes
Juerit autem pertuibata covim propustio (A.B :: E.F
&B.C :: D.E)setiam ex #qualitate in eadem ratio-
neerunt (A.C :: D.E.)
2 by’ Namquia 8, B* : E. F,erit AF =BE; &
bi19.7.  guia B.C::*D.E, berit BE=CD.ccrgd
g1 AF=CD. équarcA.C :: D.F, Q. E. D,

d g 7
’ Prer, XXIIL

A, 9. D, Primi inter [e mumeri A, B
C----D--- minimi funt omsium eandem
E-- cum eis yationem babentium,

Si fieri pogeft, fint C, & D

minores , quim A, & B, atque in eadem ratio-

2 2L 7. pe %ergd & metitar A #que, ac D metitur B,
putd per eundem numerum E : quoties igitur

b 23.def. 7. 1 in B,b toties erit C in A. “quare viciffim quo-
€15 7. 4ies 3 in C tories Ein A. fimilidi‘curfu quoties
1 in D, toties E in B.ergd E utrumque A, & B

metitur 3 qui proinde inter fe primi non funt,

<contra Hypoth.. )

PjnoP- X XIV.

A

-l
t

——

X, 9. B, 4. Numeri A, B, minii omigr

=== am eandem cum eis pationen

Do-ce E-- babentium, primi inter [e fuste

Si fieri poteft habeant A,

a .1z, & B communem menfuram € ; is metistur A

- b a7y paD;& Bper Esergd CD= A& CE=B.
, : ' > quire
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b quare A.B :: D, E. Sed D, & E minotesfunt, b 37. 7.
quam A, & B , utpete corum partes. Ergd A,
& B nen funt minimi in fua ratione , cont:a
hypoth. . ! : ‘

Pror. XXV~
Si dwo numeri A, B primi inter

" A. 9. B. a. fe fuevint , qui unum eornm A

C 3. D.-  metitur numetus C 5 ad veliquun
B primus erit,
Nam f; affirmes aliquem D numeros B, & C
" metiri, * ergo D meriens C, metitur A. ergo 4 11, g 7.
- A & B pon [unt primi inter i¢, contra Hypoth,

Pror. XXVI. .
A, g G, 8. Si dno mwmeri A, B ad
l}_,_i._‘ guempiam C primi fuern’,
AB 15, E---- oem ex ilis gemitus AL
F -aww adeundem C primns crit,.
. Si fieri poteft, fir iplo-
rum AB, & C communis menfura, numerus E.
sitque %B =F; *ergd AB=EF;quarc E,a 9.4v 5,
-A::B.F Quia vero A primus eft ad C quem b.19.7.
E metitur, ¢erunt E & A primi inter fe, dade- § 33 7-
Gque infua proportione minimi, & ¢ proindc z- ¢ ,,3,'77_'
qué metiuntus,B,-& ¥; nempe E ipum B, & A |
ipfum F, Quum igitur E utrumgte B, C. me. '
tiatur , non erent ili primiincer fe, contra
-Hypoth, ~
Propr, XXVIIL

A, 4. B,s.  Siduo namei, A, B, primi

" "Aq, 16, ier fe fucrint, etiam ex uno co=
D, 4. v genitus (AQ) ad religinn
B primuserit,

Sume D= A; ergo * finguli D, & A primi a 5. ax. 5,
funtad B.b quare AD, vel Aq, ad Bprimusegt. b 26. 3.
Q.E. D, .

' Pxop.
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a3 7.

b 26. 7.

A

b2l 7

IPror. XXVIIL

Ay, C, 4. 8i duo numeri A, Bad
!_,__‘;. 12_,_:.. duos mumerss C , D, 5~
AB,15. CD 8. terque ad wtrumque primi
, fuerint |, & qui ex ess gie

guentuy AB, CD, primi inter fe evunt.
Num quia A & Bad C primi funs, 2 erit AB
ad C primus. Eidem ratione erit AB ad D
primus, b ergd AB ad CD primuseft. Q. E. D.

Pror. XXIX.

A3, B,a. Siduommei A, Bprimi
Aq, 9. Bq, 4. inter fe fuevint 3, & wndtipli-
Ac, 27, Bc,8.  cans wierque [eipfum fecerit a-
liguem (Aq, & Bq); & ge-
nifi ex ipfis (Aq, Bq) primiimer (e evunts &
qui in principie A, B genstos ipfos Aq, Bq meultipli-
canbes feserint aliquos (Ac,Bc); & bi primi inter fe

erunt: O femper circa extremes hoc eveniet,
Nam quia A primus cft ad B, *erit Aqad B
primus. & quia Aq primusad B, * erit Aq ad
primus, Rurfus quia tam A ad B, & Bg;
quim Aqad eofdem B, & Bqprimi {unt, beric
A x Aq,ideft Ac, ad 8 x Bq, id eft Bc, pri~

mus. Et ¢ porrd de reliquis. .

Pror. XXX. :
R s Sidvo numers
AciiB.iC13.D---~ AB; BC primi
- inter [e fuerint,
etiyn sterque fimul (AC) ad quemlibet illorum
AB, BC primus evit. Et fi uterque fimul AC ad

wwum airuem illorum NB primus fuerit, etiam qué .
dn principio numeri AB, BQ primi inter [e evunt.

1. Hyp. Nam fi AC, AB compofitos velis,

a 2. 4.7 fit D communis menfera, * Is metietur reli-

um BC. ergd AB, BC non funcprimi inter
centra Hypoth, o
. & Hpps

pres = AYA BN 48
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2, Hyp. Pofitis AC, AB inter fe primis, vis
;D iplorum AB, BC communem efle menfuram.
b Ts igitur totum A C metitur, quare AC, AB b 10,427,
non funt primi inter fe, contra Hypoth.

Corell,
Hinc numerus, qui ex duobus compofitus, ad
unum illorum primus ¢f, ad reliquum quoque
<% primus eft,

Pror. XXX1.

- Omnis primus pumeras A ad omnem
A5, B,8. uumerum B, quem non metitur,
" primus eft,
4 Nam fi communis aliqua menfura metiatur -
“ utrumque A, B; 2 non erit A primus numerus, 2 11.def. %
i contra Hypoth.
b

Pror. XXXII.

- A4 D, 3. Siduo numeri AB, [emu-
. B,6. E. g, Mo multiplicantes fecerint abi-
AB,24. °  quem ABs genitum antem ex
spfis AB metiatur aliquis pri~
s numerus D, is etiam unwm eorim , qui i piine
cipio, A, vel B metietwr.
Pone numerum D non metiri A; fic verd
%‘B =E. ? ergd AF=DE, b quare D. Az 4 5, 4.7,
B.E. ceft verd D ad A primus, dergd D, & b - 7
A minimi funtin {ui ratione; ®proinde D me- 72

. \ . . Py 3r.7.
¢ titur B, 2qué ac A mesitur E. liquet igitur pro- d 33.7.

1

' pofitum. € 31.7

Pror. XXXIII,

A, 13 Ommem compafitum mumernm A, a'f-
B, 2. quis primus mumerus B metitny,
Qnus vel plures numeri * metian- a 13, def. 7.
tir A » Quorum minimus fit B, is primus erit.
G R nam

} 3 =

—
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: 13.def. 7. nam £ dicetur compofitus , 3 cum minor aliquis |
110 6% 7+ metictur, » qui proinde iplum A metietur, quare

B non eft minimus eorum, qui A metiuntur;
¢onrra Hypoth.

Pror. XX XIV,
» Omnis sumerns A aut primus off , moe *
A, 9. eam aliquis primus metitur. -t
Nam A neceflario vel primus- eft,
vel compofitus. Si primus hec eft quod afferi-
a‘ 33 7. mus. Sicompofitus, 2 ergd cum aliquis primus
. metitar, Q. E. D. R

Pror. XXXV.
Aé B4 CB oy v ...,
> 2 Leeo-

E,3. F2 G,4.

Nameris dacis quotcungune A,B, C reperire misi-
.05 omnikm B, ¥, G eandem vationem cum cjs ba= -
bentium.
SiA,B, C primi fint interfe, ipfi in {ua ra-
a 23, 7. tione minimi * erunt. Sicompofri fint, ®efto
b3 7 eorum maxima communis meafurz D, qui iplos
netiatur per E, K, G. Hi minimi erunt in ra-
tione A, B, C.
9. ax.7. NamDdultusin E, F, G ¢producit ABC,
17. 7. *ergd hi & illi in eaden funt ratione, Jam pura
21.7.  glios H,I, K minimos efle in eadem; ¢ qui pro-
pterea 2qué metientur A, B, C, nempe per nu-
 fo.ax.7. merum L. fergd LinH, I, Kipfos A,B, C
1. ax. 8, procreabit. 8ergd ED = A=HL. tunde E.
£ 19, 7. g‘l:: L.D.SdEkcH;lergd L P. ergo.
11‘ /4> D non eft maxima communis meafura iplorum:
- 1 20, def.7. A, B, C; contra Hypoth.,

Ceroll.
Hinc maxima communis menfura quotlibet
’ aumerorum

6 a6

P S
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numerorum metitur ipfos per numeros, qui mi-
nimi funt omnium eandem rationem cum ipfis
habentium. Ex quo pater methodus vulgaris re-
ducendi frattiones ad minimos terminos.

Prop. XXXVI.

Duabus nwmevis datis A, B veperive quem illi
Minimum mietiuntuy, nume'ru}t. S A &B
. . 1. Caf. Si A, primi
A, RBB,,’; fint incer fe, eft AB quafitus.
D---ew- Nam liquet A,& B metiri
E---F--- AB.Si fieri poreft, metian-
tur A & B aliquem D—AB;
puta per E, & F. 2 ergd AE=D=BF. b quarc 2 9.4x. 7.
A.B:: F.E. Quia verd A, & Be<primi funt & I+ 4% I
inter (e, 9adedque in fua ratiene minimi, ¢ 2qué hl)?. 7
metientur A ipfum F, ac B ipfum E. Atquid 3. 7.
B.Ef:: AB.AE (D). zergd AD étidm me- ¢ 21. 7.

i i i f17. 7.
tietur D, feipfo minorem. Q. E. A. g N e
A,6. Bg. Fowe- 2. Caf. Sin
C,3.D,2. G---H-»= A, &Binerfe

AD, 12 compofiti fue-

rint,® reperian- h 33,7,

tur C, & D minimi in eadem ratione, X ergo g 49, 5.
AD=BC. Etit AD, vel BC quzfitus. -

Nam !liquer B, & A iplam AD,velBC |, 4 5,
meiiri, Puta A, & B metiri F =3 AD, nempe
A per G, & B per H. =ergo AG=F=BH. m 9. ex. 7.
runde A,B:H.Ge:: C.D. ?proinde 2qué n 19, 7.
metitur C ipfum H,a¢ D ipfum G, atqui D,G o conffr.-
9:: AD.AG (F). ergd AD *metitur F, major 5 ;‘; ;: .
minorem. Q E. A. : r 30, def.7.

' Coroll.

- Hineg, fi duo mumeri multiplicent minimos
eandem rationem habcntes, major minorem, &
minor majorem, producetur numerus minimus,,
quem illi mejuntur..
o Pa bror.
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' Pror. XXXVII
A,z B, 3. Si dup numeri K, B nf-
E, w6, . meywm quempiavs CD me~
C~e-c F==-D tiantur; etiam minimys &,

 auem il metinatur 5 cune
dem CD  metietuy.

Si negas, aufer E ex CD, quoties fieri po-

teft, & relinquatur FD -2 E. quum igitar A
& B2 metiantur E, & E ipflum CF, cetiam
A, & B metiuntur CF; 3 metiuncur autem to-
d 12, ax.7, tum CD; 1 ergd eriam reliquum FD metion-
tur. ergd E non eft minimus, quem A, & B
metiuntur, contra hyp. :

Pror. XXXVIITL

A,3,B,4,C,6. Tribus nameris datis A,B,C
D,1z. repevive mizimum, quem illi me=
. Lunlut,

& 36.77. 2 Reperi D minimum , quem duo A, & B
metiuntur, quem fi tertius C metiatur, patet D
efle quzfitum. Quéd & C non metiatur D, fic
E minimus, quem C, & D metiyntur, Erit
E requifitus.

A)3.B,3.C 4 Nam fingulos-A; B,C
D,6. F,13. metiri E conflat ex 11. ax,
F--- 7. Quod verd nullum ali-
um F minorem metiantur,
b 37 facilé ofienditur. Nam fi affirmas, *ergd D
.7 .
metitur F;®proinde E cundem F metitur, ma.
jor minorem, Quod ¢ft abfurdum.

2 by
b confir.

Corol.
Hinc, fi tres numeri numerum quempiam me-
tiantur; ctiam minine s Jjquean illi metinntur,
eundem metictur.

Sy F f

P P&Q'o
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Pror. XXXIX.
A, 12, S mumerum A quiffiam xumerus
B, 4, C,3. B metistur , ille A quem B meti-
. sur, partem habebit C, a metiente B
degominatam.,

, Nam quia A*=C,berit A==BC. fe1gé a by).
ay B b 9. 4ax. 7.
' "A=B. QED. €7 4.7,
C .
Pror. XL:
_ Si numerns A paviem babuerit
A, 14, quamlibet B, metietur illam nuwe- -
B,3. C,9. s Cya quo ipfa pars B denomi-
zalny. )
Nam quia BC?* = A, berit A=B. QE.D. a bnp.
t el & 9. 42. 7.
b 7. ax. 7.
Prop. XLI ,
Y Gy12.  Numerum rveperive G, qui mini-
Y H--- mus cumYic , habear datas pares,
1 1 1 1
4 LD ,
*Inveniatur G minimus, quem denominato- | 8. 7,
res 2, 3, 4 metiuntur. b Liquet G habere partes, p 35, 7,

1, 1,4 Si fieri poeft H— G habeat eafdem
partes; ©ergd 2, 3,4 metiuntur H, & proinde ¢ 40, 7.
G non eft minimus, quem 2, 3, 4 metiuntur,
contra confir, ’ .

"P3 L1B.
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Pror. I.

A, 8. B, 12. C, 18, D, 17.
E-Fe- G--s H--=»

NP I fucrint quotcungue numeri deiz- |
RPN ceps propoitionales Ay B, C, D ex-*
B 1vemi verd ipfoum A, D primi in-
B o7 e futrint, iph A, B, C, D wi-
B 7imi funt ommiwm eandem cum eis
rationem babentium.
Nam,f feri poteft,fint alii tutidem E,F,G,H
2 14.7.  minores in illa ratione, 2 ergd ex 2quali A.D: :
b23.7. E.H.egd A, & D primi numeri, b adeSque in
€ L7, fua ratione minimi ¢ 2qué metiuntur E, & H
feipfis minores. Q, E, A.

Propr. 11
S
Az B3
: Aq, 4. AB,6. Bg, 9.
Ac,8. AqB,12. ABg,18, B, 27.
Numsevos reperive deinceps progortionales mizimos,
z;ot]c;mque jufferis quifpiam, in data vatiome A

~ Sint A, & B minimi in data ratione. Erung
Aq, AB, Bqtres minimi deinceps in ratione A

ad B,
a7, Nam AA. AB2 :: A, B *:: AB. Bs. !
b24.7.  jremquiaA, & Bb primi funt inter fe, cerunt |

$ 7 Aq,Bq inter fe primi; 4 proinde Aq, AB, By
1.4 funt = minimi in ratione A ad B.

Dico porrd, Ac, AqB, ABq, Bc inratione

A ad B quamor cfie miniinos. Nam AgA,

€12.7.  AqBe:: ABe::ABA (AqB ) ABB. cag;

~A.B:: ABq. BBq. (Bc) Quum igitur Ac, &

Bc
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& Bc f inter fe primi fint, serunt Ac, AqB, f 29. 7.

ABg, Bc quatuer -2 minimi in ratione A adB.

Eodem modo quotvis proportienales inveftiga- 8 1+ %

bis, Q.E.F.
A

o 1. Hine, fi tres numeriminimi funt proporsi-

*eonales , extremi quadrati erunt; fi quatuor ,
* cubi.

2, Extremi quotcunque propottionales per
hanc propof, invent in data ratione minimi,in~
ter fe primi funt. .

3. Duo numeri, minimi in data ratione, me~
tiuntur omnes medios quotcunque minimorum
in eadem ratione, quiafcilicet producuntur ex
illorum multiplicatione, in alios quofdam mu-
meros.

4. Hincetiam liquet ex conftru&ione, feries
numerorum 1, A, Aq, Ag; 1,8, B3, Be; Ac,
AqB, ABq, Bc. conftare 2quali muliitudine
numerorum , ac proinde extremcs numeros
quotcunque minimoram continué propertiona~
lium, ultimos totidern continué proportio~
nalium ab unitate, ut extremi Ac, Bc conrinué

- proportionalium Ac, AqB, ABq, B¢ funt ultimi
totidem proportionalium ab unitate 1, A, Aq,
Ac & 1,B, B3, Bc.

5. 1,A,Aq, A& B,BA, BAq; ac Bq,ABq
funt - in ration® 1 ad A, item, B, B, BG; &
A, AB, ABq; ac Aq, AqQB fumt - inratio-
netad B,

Pror. 111

A,8. B 12, C,18. D, 28.  Si fint quor-
cunque numeri

A, B,C, D deinceps proportiomales, minims omni-
um eandem cum eis razionem habextium Worum ex+
tremi A, D funtinser fe primt, Nama
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a8,

8 16,7,
b 3 pefl.7.

€ 9. ax.7.
d 18.9.
€7.5.

[ A
g 37.7.

b 3.pft7.

EVCLIDIS Elementorum

Nam fi# inveniantur tetidem numeri minimi
in rationc Aad B, illi non alii ¢runt, quam
A, B, C, D; ergd juxta 3. coroll. pracedentis
extremi A & D primi func inter fe. QeE. D,

Proe. 1IV.
A,6,B,5.C,4. D, 3. - Rationtbus da- *
H,4. F,24, B, 20, G, 15, tis quotcung; in~’
Ie-KecLava o minmis terminis,
(AadB,& Cad
D) repevire mumeres deinceps minimes in datis ra-
tionibus.

3 Reperi E minimum, quem B, & C metiun-
tur; & B ipfum E b 2qué metiatar, ac A alterum
F, puta per cundem H. *item Cipfum E, ac D
alcerum G 2qué metianwur, crunt F, B, G mi-
nimi in datis rationibus, Nam AHc¢=F; &
BHe¢=E. dergd A.B:: AH.BH ¢::F. F.
Similiter C. D: : E. G. funt igitur F,E, G
deinceps Froportionalcs in datis rationibus. Imo
minimi {unt in ii{dem : nam putaalios T, K, L
minimos efle. fergd A, & BiplosI, & K, f pa-

-ritérque G & D ipfos K& L 2qué metiuntur,

ergd B,& C cundem K metiuntur.8Quare etiam
E cundem K metitur, {¢ipfo minorem. Q. E A,

A,6. B,s. C,4 D,3. E,5. F,7.
H, 24, 6,30, I,15. K, 21.

Datis vero tribus rationibus Aad B, & Cad
D; ac E ad F. Reperi, ut pritis, tres H, G, I
minimos deinceps in rationibus A ad B,& Cad
D.wnc i E numerum I metiatur,

hSume alterum K, quemF zqué metiatur; e-
runt quatuor H, G, 1, K deinceps minimi, in
datisrationibus, quod non aliter probabimus,
qudm in priori parte.

A6,

[
(’

)



Liber VII1I 165
A6 B,5.C,4.D,3. E;2. F, 7.
H,24. G, 29. 1, 1%.
M, 48. L, 40. K, 30. N, 105,

S in E non metiatur I, fit K mini.
mus, quem E , & I metiuntur ; & quoties
Tiplum K, toties G ipfum L, & H ipfum Mi me-
o tiatur, quoties verd E ipfum K, toties F ipfum

= N metiatur, Brunt M, L, K, N minimi dein-
~ ¢eps in datis rationibus, quod demonftrabimus,
ut prids.

- Pror. V.
- ) Plani  numeri
C,4. E,3. CD, EF -
-D,6 ¥,16  ED,18. onem habent ex la-
CD, 34. EF,48. teribus compofitam,

¢D_c D )
EFE"EVF ) g 1m
Nam quia CD.ED*:: C. li;D‘& ED.EF:y .0 Lfs
CDb _ CD L - def. 5.
D.F. atque £ — D -+‘E—f?, < erit raElOc i 5.

D
C-—!-) = E -t Q.'E. D,
EF B F.
Pror. VI

A,16.B,24.C,36. D, 54. 8,81,
F,4. G,6. H?9.' .
. 8i fint quotcunque wumcrs deinceps praportionales
. A, B,C, D, E: privus autem A [ccundum B non
metiatur, neque alius qui(h-am ullum metietur.

Quonism A non metitur B, * neque quilibet _ | 4
proximeé fequentem metietursquia A.B :: B.C :: 2 2™ 'f 7.
C. D, &c. * Accipe tres F, G, H mininios in
ratione A ad B. quoniam igitur A non meti- ° 3% 7*
tur B, neque F metieur G, cergd F noneft ¢ ¢ 4, o,
unitas. fed F, & H inter fe primi funt; ergd d 3. 3.
quum ¢fic ex zquo A.C::F.H, & F non ¢ 14_7,

-metiatur H, 2 neque A ipfum C meticeut; pro~
inde ncc Bipaun D, nec C iplum E, &c, quia
A.Ce::B.D¢; C E, & ; Eodem modo

i ) fumptis
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fumptis quatuor vel quirnque minimis in ratio=
ne Aad B, oftendetur Aipfos D, & E; ac B
ijbs E, & F non metijri, &c. Quare nullus
ium mecietur,. Q. E. D.

Pror. VIL _
A,3. By6. C,12. D, 4. B, 48, ot
S fint quotcunque mumeri deinceds proportionales =
A,B,C, D, E; primus autem A. extremum B me—~
Liatur, s etidm metitur fecundum B.
aér. Sinegas A metiri B,*ergo nec ipum E me-
tietur, contra Hypoth, ‘

Pror. VIIIL.

A,24. C,36. D,54. B, 81. St inter duos
G,8. H, 12, 1,18. K, 27. mmeios A, B
E;32 L,48. M, 72. F,108. medii continnid

_ pioportione ce-
ciderint mumeri C, Dj quot inter ees medii con-
tinud proportione cadunt numeri, tot & inter alios
E, F eandem cum illis habentes vationem medsi
continud proyortione catent. (L, M.)

a 357 3Sume G,H, L, K minimos - in ratione .
b 12.7. AadC;beritex 2quali,3.K:: A, B¢ ::E,F,
< bﬂ-‘ Atqui G, & K ¢ primi funt inter fe; ¢ quare G
: 3 7.  ®qué meritur E,ac K iplum F. per cundem nu-
7 merum wetiatur H iplum L, & T ipfum M.
£ conftr, f jtaque E, L, M, F itd (¢ habent wt G,H,LK;
koceftut A,B,C,D. Q.E. D,

Pror. IX. )

I, 8§ dua mimevi

E,2. F, 3. © A,B fintinterfe

G,4. H,6, 1,9. . pami, & Pater .

A8, C,12. D,18, B,27, eor medii conti-
L . _mid  proportione
ceciderint unmeri, C, D quet iatcr cos medii con~
simd
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sinud propevtions cecidorint mumeri, totidem ( E,G;
& F,1) & inter uiramgue eorum ac unitatem me-
dii coninud proportione cadent.
Conftat 1,E, G, A; & 1,F, I Befle i &
totldem quet A, C, D B, nimiram ex 4coroll

8. QE.D.
:_. Pror. X.
A, 8. 1,12 K18, B,27.  Si iner duss
E 4. DF,6 G, 9. numeres A, B, &
'D, :. F,3. unitatem continug
1. . propertionales ceci-

derint numeri ( E,
D & F,G,) quot inter wtrimque ipforum, &
unitatem dcnuep: wmedii continud proporiione cadunt
nimeri, totidems & ey ipfas wcdm continud pro-
) portisne cadent, 1, K.
‘ Nam E, DF, G; & A,DqF (1), DG (K),
B {unt &, per 2.8, ergo, &c.

Pror. XL

A,2. B, 3. Duvrum quadratovim
A‘!A AB, 6. Bq, 9. mumciorum Aq, Bq smus
medius propor:risalss eff
- pumerus AB. & quadvatum Aq ad quadvatum
Ba, duplicatam babet ldtt’m Aad laus B ra-
tienem. )
*Liquet Aq, AB, Bq. effe i, _'promdc; :7. 7.
‘ O,

. Aq A . def. 51.
eviam L= bis, QE.D,

Preopr, ’
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- Prop. XII,
Ac,37. AqB,36. ABq,48. Bc,64. Dyorum
A,3. B4 Luborum -
Aq, 9. AB, 12. Bg, 16, miererum Ac,
Bc dus me-

i propertionales funt numeri AQB, ABq. Et cubus
Ac ad cubum Be triplicatam babet lateris A ad 1
. latus B rationems. ABaB *
2, & B Y . N =1 3
Ny f.s. *Nam Ac, AqB; AE q,ABC unt & in ratice
ac Aad B. proinde p =% ter. Q. E. D,

' ) PRO?O xII Ic

. |
¢ ' A.2. B,g C,8.
Aq, 4, AB.8,Bq, 16. BC, 33, Cq.64.
. Ac8,AqB,16,ABq. 32.B¢,64,B9C,128,BCq,256. Cc,513,
Si fint quotlibet numevi deinceps proportiopales,
A, B, C; & multiplicans quifque [eipfum faciat
_ aliques 3 qui ab illis preduili faerint Aq, Bq, Cq
propertionales evunts & fi numeri primim pafii A,
B, C mulriplicantes jam faitos Aq,Bq, Cq, fece~
tint aliquos Ac, Bc, Cc s ipfi quogs proportionales
: " etunt. & femper circa extvemos boc eveniet. v
a8 Nam Aq. AB, Bq, BC,Cq*funt 5~ bergd
b 147 exzquoAq. Bi::BqCq. Q.E.D.
‘3 Item Ac, AqB, ABq, Bc, BqC, BCq, Cc
* funt-3 , bergd itgrwm ex zquo, Ac. Bc:; Be.
Cc. QE.D.

Pror. XI1V.
Aq,4. AB,y12. Bq,36.  Siquadratus mu-
Az, B, 6. merus Aq quadra-
tym numerkn Bq
metiatur, & latus wniss (A) mstietur latus alterius
(B : & ff wnius quadral: laus A metictur latus al-
terius B, & quadratus Ay quadcatum 1:q metietsr.
a2&i1,8 1, Hyp. Nam Aq. AB *:: Aq. Bq; cum
igiur ¢xbyp. Aq metiatur Bqj idem Aq fe-.
) cundim
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oundum AB ®metictur, acqui Aq AB 2 A.b 7. 8.
B. cergo ctiam A,metiur B, Q. E. D, € 20.4ef. 7.
2. Hyp. A metitur B, cergd tam Aq iplum
AB, © quam-A B iplum Bq metitur; ¢ & proinded 11.4x. 2,
Aq meditwr B Q. E. D,

Pror. XV,
A Ao B, 6. Si cubus aua
Ac.8.AqB,24. ABq,71.B¢,216, merus Ac, cu~
i : bum numerum

Be metiatur , & latus wus (A) mesietur  latus
alrevius (B): Kt fF latus A unius cubi Ac latus B
alterius B mtiatur 5 & cwbs Ac cubum Be _
metietut. - v
1. Hyp, Nam Ac, AqB, ABq, Bc *funt &= a2 2. & 12,8,
ergd-Ac , b metiens.extremnm Be , € etiam fe- b
‘cundum AG® metierur, arqui Ac. AqB ::A. B, €7 %
¢ crgd etiam A metictwr B. Q. B. D. o d 20 defiy, -
2. Hyp. AmetitucB; dergo Ac metitur AgB, :
fsque A%q,& hic Bej cergd Acmesietur B, ¢ 1 ax 7.
QO E, L] ) .

Pror. XVI
A, 40 B9 i quadratus mumerus Ag
Aq, 16, Bq,81.  gquadratum nemerum BQ nox .
metiatur; neqs Alatus uriss -
alterias lasus B metietur; & i A latus unius qua-~
drati- Aq non metiatur B latus alterius BR , neq;
quadratus Aq quadratum Bq metsetnr. A
1. Hy. WNam fi affirmes & metiri B, ® etiam
Agq ipfum Bq metietur, contra hyp, a6l v
2. Hyp. Vis Agmetiti Bq ; * crgd A iplum
B metictur, contra Hyp.

Q‘ ) Pror,
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Pror. XVII
Az B3 Si cubus mumerus Ac cxe
Ac, 8. Bc,27. bum numerum Be nm_metia~
mr, neque A latus wmins latus
B alterius meticturs- Eb fi latus A wnins cubs A
latus B altevius BC non metiatyt , neqie cubus Ac
cubum Be metietur.

13 8, 1. Hyp. Dic A metiri B3? ergd Ac metierur,

Bc. contra Hypoth.,
2. Hyp. Dic Ac metiri Bc; af:rgé AxpfumB
mmctur. contra Hyp. .

_Prop; XVIIL

C, 6 D, 2. " Duoris ﬁmkumpla-

CD, 13. norum mumerorum CD,
E,9. F,3.DE, 18, EF, swus medius pro-
EF, 7. . pomamla eft mumevus

' . - DE: & plams CD
ad plamm EF duplmmnbmtwm Cadlaw:
- bomologum E vationem. - .

tande erit C. B :: D. F. atqui C.E *:: CD,

277 DE;s&D.F: DE.EF. bergs CD. DE ::

DE. EF. Q. B.D.
&to. def. 5. “Ergoratio CDad EF  duplicata eft rationis
‘ (jDFa DE, hac eﬂ: rationis Cad E, vel D
a ;

" Ceroll,

Hmc per'fpxcuum eft, inter duos fimiles pla<
. nos cadere unum medinm propormomlcm,
- zasione Jaterum homologorum.

Pzor.

|
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Pror. XIX. . :
€DE, 30. DFE, 6o, FGE, 120. FGH, 240* °
, CD, 6. DF, 12, FG,24. ‘
C,2. D,3. E,;5. F,4. G, 6. H, 10,

Duoram fimilium [olidorums CDE, FGH, dus ’
medii proportéonales [unt mumeri DFE, FGB, £t
folidus CPR ad folidim ¥GR triplicatam rapio-
niem habet lateris bomologi C ad latus bomologum E.
' Quoniam ex*hyp. C.D:: F.G3 & D. % 21, 2e5.9;
E :: G.H;erit *permutando C. F:: D. G*:: 2 13.7.
E. H.atqui CD. DF 5:: Q. F; & DF, FG':: b 17, 7.
D. G, cquare CD. DF :: DF. ¥G:: E. H, ¢ 1t §.
dergd CDE. DFR:: DFB, FGE:: E.H :: d 17. 7.
FGE. FGH. ergd inter CDE. FGH cadunt
duo medii proportionales; DFB,FGE. Q. E.D. ¢ 10, d¢f. 5¢
e liquer igitur rationem CDE ad FGH tripli--
catam effe rationis CDE ad DFE, vel Cad F.
Q E. D. . '

Coroll,

Hinc, inter duos fimiles folidos cadunt duo.
medii proportionales , in ratione laterum ho-
mologorum. '

- Pror. XX,

A, 12, C, 18. B, 17, Si inter duos mu~

D, 2 E,3. F,6. G, 9. meros A, B, unks me-

dius praportionalis ca~

dat numerns C, fniles plani erunt illi numeri, A,B.
3 Accipe D, & E minimos invatione Aad 5 3¢, o,
C, vel C ad B. Pergd D 2qué metitur A, acE b 21. 7.

‘ prum C, puta per euridem F. b jtém D 2qué me-

titur C ac E ipfum B, puta per eundem G.c er- ¢ o, . 7.
ODF=A, & EG=B. dquarc A, & Bplani d 16, 4f. 7.
unt numeri, Quia verd EF ¢ =C ¢=DG;

ceit D,E:: F, G, & vicifim D.F:: E. G. ¢ 19. 7.

fergd Eani numeri A , & B etiam fimiles funt. £ 31.defe 7

QE.D.) .

_ Qz . Prop,

S
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ae 8,
b 20. 8.1

c 21, def. 7, hujus latera int H & P; illius K, &

EVCLIDIS Ekmentornm

Pror. XXI,
A, 16, C,24. D,36. B,34. 5i intey
" E,4. F, % G,p. dues nume-
H,2.P,2.M,¢.K,3.L,3.N, 6. yos A,;B duo

. . medii pro-
poitionales cadant mumevi C, D fimiles folidi erune
#li numeri, A, B,

3Sume B, F, G minimps - inratione A ad
C.% ergd B, & G lunt pumeri %\‘am fimiles;
scergo M.

d cor.18.8. K::P.L :: ¢E.F. Atqui-B, F, G iplos A, C,

c 25 7.

f 9.4x.7.

De zqué metiuntur ; puta per eundem M; ii-
démque iplos, C, D, B 2qué metiuntur, puta
per cundem N. fergd A=EM==HPM &

g 17. d¢f£7.B = GN = KLN; & quare A & B (olidi funt

h 19. 7.
k 7. 5.
1 confir.

numeri. Quoniamvero C f =FM; & Df—
FN, erit M. N2 :: FMUEN *: C.D!:: E

Fi HUK: P L.mergd A, &Blunt numeri

m 21. d¢ﬂ7. folidi ﬁmiles. Q_E.‘D.

a8,
b_Inp.

Provr, XXII

A, 4. B,6. C,o9. Si tres memers A, B3

C deinceps fint proporti-

onales, privmus antem A [it quadratus, & tertiys C
quadvatus evite )

Inter A, & Ccadit medius proportionalis.

dergd A, & C funt fimiles planigquare ® cim A

quadratus fit, eric C etiam quadratus, Q. B, D,

Proer. XXIII.
A,8:8,12.C,18.D,27.  8iquatuor numeri
A, B, C, D dein~
ceps fint proportionalesy primus autem A fit chbus,
‘& quartws D cubus ciit, -
‘Nam A, & D *fimiles folidi funt; ergd
b clio-A cubus fit, erit D cubus. Q E. D,

Pror.
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Pror. XXIV. )

7 A, 16, 24. B,36, " Si duo numicri A, B ra-

- C,4. 6 D,8, tionw bebeamt ‘inter f2,

g | quam quadiains munerns C

v ad quadedtim mumnn D | primus antem A it

5 quadratus; ¢ fecundus B qisadvatue eri,

Inter G, & Drnumeros quadratos, *adedque * 8- 3.
® inter- A, & B candem rationem habentes 2 cadita 1t &
% wnus medius proportionalis. Ergé * clim Ab byp.

b quadratus fir, < etiam B quadracys erit, Q E. D. ¢ 22. &
it

gi . Coroll,

¥ Liquet ex his, proportionem cujulvis numeri

|:  quadrari ad quemlibet non quadratum, exhiberi
;  nullo modo pofle in duobus numeris quadratis.
I wnde poa erit, Q Quite 2. nec L5 Q.
i € &,
' Paor. XXV.
C,64. 96. 144. D, 216, St duo nmumers
© Ay8. 12, 38. B, 27. A, Brationeminter
5 * fe habeans , quam
¢ cubus numerus C ad cubum numerum D, primus s
& tem A fit cubse, & fecundus B cubus evit. _
1Inter C, & D cubos , badedque inter A & 2 11. &
s B eandem rationem habentes, cadunt duo me- b 8- &

#  dii proportionales. ergd propter A € cubum, € byp.

i detiam B cubus erit. Q. E. B “d 2 8
‘ (oralt. _

4 Patet eriam ex liis proportionem cujulvis nu- .

95 meri cubi ad quemlibet numerum non cubom
i#  non poffe reperiri in duobus numeris cubis.

Q3 Pror.
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.ProP. XXVIL

Ays0. C,30. Byas. - Similes plani nemeci
P,4. B,6. F,9. A, B rationems inter fe
. babeat, quam quadratus

namerss ad quadvatum mumerum.
218.8,  Inter A, & B2cadit unus medius proportio=
b3 8, nalis C,* {ume tres D, E, F minimos = in ra-
tione A ad C. Extremi D, F ® quadrati erunt.

tEH; 2 atqui ex’ zquali A.B <:: D.F. ergo A.B ¢

Q Q. QE.D.
. Pror, XXVIL

A,16, C,24. D,36. B,54.  Similes foli=
E, 8. P,12. G,18, H,27. di numeri A,
. . B, rationemba-
-~ bent inter fo, quam cubus numerus ad cubum nume-

74m. :
a8, 2Inter A, & B cadunt due medii proportio-

b, gales,puta C & D : b fume quatuor E, F, G,HE
minimos -= in ratione A ad C. ® Extremi E,
¢ 14. 7. - H cubi funt, At A. B ¢ E.H =z C C.
Q. E, D. o
. Schol.

) . 1, Ex his infertur , nullos aumeros habentes
Vide Cavinm, proportionem fuperparticularem , vel fuperbi-
' partientem, vel duplam, aut aliam quamcunque

multiplam non d¢nominatam i numero qua-

- drato effe fimiles planos,

. 2 Necduoquivis primi numeri, neque duo

aﬁ’cunque inter fe primi, qui quadrati non fint,
iles cfle poffunt,

[ LI(B.‘
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' ‘ Pror. L

A) 60 . BI 54' A
Aq, 36. 108, AB, 324.

V! duo fimiles:plani numeri- A, B
&Y mudtiplicantes e mutud faciant
e quendam AB 5 productus AB qua-
dratus erit. . ) .
Nam A.B *:: Aq. ABjcim a 17 7.,
igicur inter A, & B " cadat unus b 18’ 8.

. medias proportionalis , ©etiam inter Aq, & AB ¢ 8. 8.

cadet unus med, proport, ergd cim primus Aq

it quadratus , detiam tertius AB quadratus d 22, 8
erit. Q_E. D- .

. Velfic, Sint ab, ¢d imiles plani, nempea. b ::

¢.d. *ergo ad=bc, quare ab.c,s,vel adbc ¥ = adad * 19. 7

=Q ad. Y teax.
Pro®. IL ©
) Si duo numeri A, B fe
A, 6, Bsa.  murnd mutiplicantes faci-
Aq, 36, AB,324. amt AB quaiiratum , fimiles
plani erunt, A, B.

Nam A. B2 :: AqeAB; quare citm inter Aq; 3 17: 7-

A8 Pcadat unus medius proportionalis, ©etiam ® ' °
. . . A c 8. 8.

unus inter A, & B medius cader, @ ergd A, & B g 5. 8.

funt fimiles plani, Q. E. D -

Pro®. III. .
A, 2 Ac,8. Acc,64.  Sicubus mumerus Ac
’ - fvipfism mulsipli cams pro-

greet aliquem Acc, produltus Acc oubus ers. ~ -
. Nam'1, A? :: A,AQP:: AQ.Ac.ergo.inter 1, a y5. dof.
Ac cadunt duo medii proportionales.Sed 1.Ac 31 b 17. 70
" Ac.Acc, cergd inter Ac,& Acc qadunt ctiem duo < 8 8.
Qs. medit
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*. medii proportionales. Proinde cim Ac Gt cus
d 3.8  bus,deric Acccubus, Q. E. D,
Vel fic; aaa ( Ac) in feduus facit azaana)
(Acc); bic cubus eft, cujus Jatus aa,

P"'o I v-'_ .
Ac,8.  Bc,27. Si cubus namernus Ac
Acs,y 64, Ac Bc, 216, cg;bll‘_o‘m m}erum Be mnl-
© tiplices , faciat aliqguems
AcBc, fulfw AcBc owbus enit.
2 17, 7. Niam Ac. Bc * :: Acc. AcBe. fed inter Ac,
b 12. 8. & Bebcadunt duo medii preportionaks; <ergo
e 8.8 inter Acc, & AcBc totidem cadunt. itdjue cim
d 23. 8 Acc fit cubus, 4 erit AcBe etiam cubus. Q. B.D,
Vel fic, AcBc == asabbb (ababab) = C: ab.

Pror. V.
Ac,8. B,3y. Si eubus wumerus Ac
" Acc, 64, AcB, 216, mumerum quendd B miui-
tiplicans , faciat cwbums
B AcB; & multiplicatns B cubus wiit.

a1 7. ~Nam Acc, AcB?:; Ac, B, Sed inter Acc, &
b 128 AcB b cadunt duo medii proportionales. <crgd
€% 8  (oridem cadentinter Ac, & B. quare ciim A Cu-

d 33, 8. busfit, $etiam B cubus erit. Q. E. D, :

PR e.’c v I'
- A, 8.Aq,64. Ac, g13.  Si wumerns A [oe
' ipfum wdsiplicans fa<
ciat Aq cubum; & ipfe A cubns eris.

a by Nam quia Aq?cubus, & AqA (Ac)¥cus
: 1}' def. 7. bus, ¢ er?tA cu?mx. Q_’ED :
¥
Pror. VIL

A,6. 3, 11, AB, 66, Si compefitws sumerns
D,3% 83, A nusserumt quempion B

{

mudtiplisans  qrempiam

fuies A, feRime KB [didm eriv,

Quoniem

—
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"C: 2. dergd quartus aba 3, nempe a 6, etiam cu-

-(a) peft unitatem fit quadvatus , & reliqu: omrcs,
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oniam A compefitus oft, ¥ metitur euma- 3 ¥3. def 73
liquis D, puta per B. bergé A==DE ; *quare ’:-7 o 7.
DEB = AB folidus ceft. Q. E. D. )

Prop., VIIL
1.3,3. 2,9, 23,27, a4,81.85,243. 25,729
§i ab igtate quoscangue numeri deinceps propor=
tionales fuevint ( T,2,a%,a% a4, &c.): tevtias
quidem aly unitate a* quadyatns eft; & unum inter-
writrentes omnes (a 4,293 %, &c.) 1 quartus autem : J
a 3 eft cubus, & duos intermittentes omnes (29,2 9,
&c.) feptimus verd a o cubus fimmal & quadratus &
quings insermittentes ommes (a 1+,a 3, &c.)
Namt. 2 =Q, 2. & a4s=0aaa=Q, ax
& a 6 — aaaaaa = Q. aaa, &c.
2.3a'=aa=C a & a¢=aza=C.
23, & aaaaaaada = C. aaa, &c,
3. 2 6 ==aaeaa2 = €. aa == Q. asa. ergd, &c. 2 .
Vel juxta Euclidem; quia 1. a7 :: a. a3, berit b 20 7.
232=Q:a. ergdcimat, a3, a4fint 3 cerit ¢ 28
tertius 2 4 etiam quadratus, paritérq;a 9,2 8, &c, ) |
Ttemqguia r.a%::azad erit asb—mazina= g 45 g,

bus erit, &c. ergd a ¢ cubus fimul & quadratus
exiftic, &e.
Pror. IX.
" 1.3,4.2%16, 21,64, a4, 296, &c.
1.a2,8.23,64.23, 513,24, 4096.
Si ab unitate quercuique aumeri diincops pio-
portionales fuevint (13,23, a3, &c.) 5 gui verd

a>a%,a4, &, quadrati crunt. Atfia, qu’ pcf
uwtatens It cubus, & reliqui omnes 32,3 3, 2 4,&c.
cubi erunt, )

t. Hyp. Nama?, 24,2%, &c. quadrati funt
e€x prec.item quiaa ponitur quadratus, erit , . o
sertius a 3 quadeatus, paritérque as;az, Xe. ergd
omacs, Qs 3. Hyp.
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b 23. 8, 2. Hyp. acubus ponitur,bergd a4, a7, a1e
S ;°-. 7. cubi funt: arqui ex praeced. a ¢, a 5, a 9, &c. cubi
¢ ,;.?’ funt, denique quia x.a::3.22 ¢, erita*=—=Q

a. cubus autem.in fe 9 facit cubum ; ergd a * cu-
bus eft, & © proinde abeo quartusa s, Paritérq;
a % an, &c. cubifumt,ergd omnes. Q. B. D, -
~ Clarits forfitan fic; Sitquadrati a latus b, er=
g0 feriesa,az,a3, 24, &c.aliter exprimerur fic,
b,b4,b6,b8, &c. liquet verd hos omnes qua-
dratos effe; & fic etiam exprimi poffe; Q: b, Q:
bb, Q: bbb, Q: bbbb, &c.
. Eodem modo, £ib latus fuerit cubi a, feries
itd nominaripoteft: b3 b b, b, &, vel
C:b,C:b%,C: b5 Ctb4, & '
Prop, X.
3,323a%,3425,36  Si ab writate quet~
1,3,4,8,36, 3%,64. cunqué uimeri dffwceps
proportianales fuevine (1,
a,a,a 3, &c.); _qui vero poft unitatem () mon
ft quadyatus, neque alius wllus quadvatus erit, pra~
ser a > tertiums ab unitate , & unum intermittentes
omnes ((a4,26,a8, &c.) Atfia, quipoft unite~
tem non [t cubus, neque wllus. alius cubus erit pre~
ter a 3 guartum ab wnitate, & duos insermitientes
omnes,as, a9, an, &e, - ‘
x, Hyp. Nam i fieri poteft, fita s quadratus.
a b numerus. quoniam igitur a.a* *:1a4.as, atg;
b fuppefs & inVerséas.at::azajsintqueas, & a 4bqua-
2 9. dsati, primisque a * quadratus, cerit a etfam

. €24 &  quadratus,contraHyp. -

2. Hyp. Sifieri poteft, fiva 4cubus. quoni-

d 14 7. am igicur dex zquoas,ad:r a,a i, arque in-

verse a S.a4:rat,aj bsintqueas, & 2 4cubi,

& primus a 2 cubus , ¢ etian 3 cubus erit, con-
tra Hypoth,

Pro¥,




Liber IX. - 7
rror, XL
Ty 3, a3, a3, a4, 45, a8, Siab w-
‘1, 3, 95 27, 81,7243, 729, mtate quei~
' ) cHng; numers

dieinceps proportionales fuerint ( 3,353%3 %, &¢. )
muner maforem melitur per aliquens eovum , qus in
e proportionalibus [unt numeris.
*e . S N | N 3T 3 g, ar. 7.
.s a — g — —
. Quoniam 1.a::a.a. ? erit = —=a= 22 & 20.4def T
. S Coc 0 Tgaa ] ‘
itemquiar, aab::a, aaa. derit — =21 =b 147
. i a
a4 | as . . b
Py &e. denique quia 1,23 biraas
. a4t ' aé
3 BT -—ai —
. 3 —aiz ai&c.

- . Corell, .

Hinc, fi numerus qui metitur aliquem ex pro- -
portionalibus , non fit unus proportionalium,
neque AUmErus per quem mevitur, erit aliguisex

. proportionalibus. T

Propr, XIT. :

i 1, 2,22, a3, 2% Siab unitate quotcung;
2,6,36,216,1296.  numeri deinceps propertic=

; By3. nales fuevint (1,3, a 3,

j ) a3, a4,) ;5 quicunque pri-

' morum numerorum B wltimuma 4 metivatur, iidem.

; {B) & eum () qui untari praximus eft,metientnr

. DicB non meriria, * ergé Bada primusetl; 5 5, o,

- Pergd Bada? primus eft 5 & ¢ proinde ad a4y b 277 7.
quem metiri ponjtur  Q_E. A.. : ¢ 26, 7.

] '
Covoll..
1. Itiq; omnis.numerus primus ultimumme- - -

tiens , metjsur quog; omnes alios ultimum pre--
edentes, 2. S

—
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2. Sialiquis numerus non metiens proximum.
wnitati, metiatur wltimum , erit pumerus com=
us. : ’
3. Si prowimms unitati fit primus numerus,
nullus alius primus numerus ultimum mesiesus,

. Pror. X1 _

1, 4 O, &, a Si ab wnitate

T 1.5, 18, %5, 635, quatcungue numerd

H-. G-- F-- E~-~ " deinceps proportie-

., wdle fuerint (a,

a, a8, &re. ), qmiverd poit unitatem (&) primue

frs maximum wisllus aliss metietnr , prater cos qui
fums in numevis propertionalibus.

Si fieri poteft, alius quifpiam E metiatur 49,
® oor. 119, DCOIDE per Fj 2 grit F alius extra o, &, a5,
b 2 corxa.9. Quia verd E metiens a* non metitur 4, ® eric
¢ 33.7. B numerus compofitus; © ergd eum aliquis pri-
& 1. ax.7. musmetitur, 4qui proinde ipfum «* metitur;

- € 3 ¢cor.13.9. ¢idedque aling non efl, quim 4. ergd ameti-

tut E. Eodem modo oftendetur E compofitus

sumeras, metiens at, adedque 4 ipfum F metiri.

f9.6.7  itaque quum EFf=at=ain a3, %erit & E:: F.

g 19.7. &% ergd cdm 4 metiatur E, b 2qué F metietur

. a% puta per cundem G. * Nec Gerit 4, vel o=,

_ergd, ut prilis, G eft numerus compofitus, & @

¢am metitur, quum igitur FGf=a =g ing,

serit 4. F 11 G. @ & proinde, quia A metitur

F, 2 2qué G metictur 4% [cilicer ﬁ:v eundem Hy

kqui non eft #. ergd quum GH = =42 = 4a.

2 20. 7 Lerit H. 2:: 4. G. ergd quia a- metitur G (ut

m 20, def.7- Prids ); = etiam K metietur gy numerum pri--
mum, Q.F.N. ’

Sic Buclides fatls prolixé ; breviils ficc Nam:

x 3eorargs Guiaa primus eft numerus *nullus alius primus

ultimum 44 metietur ; proinde nec compofituss

Yy 33.7. ¥ quia omnem compofitum aliquis primus me-

& Luaxly. titur. ergd, &c.
Pror,

e
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~ Prer. X1V,
A, 30, Si minimum mumevum A
B,2. C,3. D,s. priminumeri B, C, D me-
E--Fe---  tiantwrs nullus dlins momerns
. . . brimus & illum metictur,pra-
Ser eos, qui A primeipie znmebamr. )
Si Geri powelt, fic g =TF. % Ergd A—EF. 15 a7,
* Ergd finguli primi numeri B, C, D ipforum
E, F unum metiuntur; non E,qui primus po-
nitur; ergd F, minorem Kilicer iplo Aj contra
Hypoth. ’

b 327

Prop, XV. -
A, 9. B,12. C,16.  Sitresumeri A,B,C
D,3. B4 deincepi propertiondles, fu-
. erint minims emnium edn-

dem cum ipfis rationems babentium; dwe quilibes -

compefiti, ad veliquam primi erwnt,

* Sume, D, & B minimos in ratione A ad B. 5 35, 7,
ergd A=Dq;* & C=Eq;> & B=DE.Quia b.3. & *
vero D ad B © primus eft,derit D+ E primusad € 24- 7-
fingalos D, & E. * ergd D in D+E ¢=Dgq-+ 3 o
DE(fAB) 2ad B primus eft, idebque 2d C . 5, K
vel Eq. Q. E. D, Paripatto DE+Bq(B—+C) f priks.
ad D prinus eft,& proindead A=Dq. Q.E.D. g 37.7.
Denique quia B 2ad D.+E bprimus eft; isad & 26, 7.
hujus quadratum *Dq -2 DE 4+ BQ (A= 2k 4.2,
B~ C )primus erit;'quare idem Bad A+ B C31 30. 7
Yadedque ad A C primusesit. Q. B. D.

In hac demonfiratione nonnulla in numeris
aflumplimus, qua in fecundo libro de lineis de-
monfirata funt;, id quod brevitatis fludio feci=
mus, cim alioqui eadem in numeris demons

Brata habeas apud Clavium, &c.
. 8 Prew. -



182

x23. 9.
b 31. 7.
¢ 6.4x.7.

anon
- DN
rorw
3
£33
Vg

asdx.7.
b per30.7.

€ 7:42:7+

EUCLIDIS Elementorsm

PropP. ¥ \'4 I.
A,3. B,s. C--- - Siduo mumeri A,B pri-
o i inter (& fucrint; pon evit
wt primus A ad fecundum B i3 fecwudys B ad
dium quempiam C. '
Dic A.B::B.C. ergd quum A; & Bin fua
ratione * minimi fint, A® metietur B zqué ac B
ipfum C; fed A < feipfum etiam metiturs ergo
A, & B non funs primi inter fe, contra Hypoth.,

Pror. XVIL'
A, 8- B, 12, C, 180 D, 27. E-~-~

Si fuerint quotcunque numeri deinceps proportio-
nales A, B, C, D, extremi antem ipfocum A, D
frimi inter fe [int; non erit wt primus A ad [eckns
dum B, it wltimus D ad alium ‘?uempzam E.
- DicA.B:: D.E. ergo viciflim A.D :: L.E.
erg6 quum A, & D in fua ratione 2 minimi fint,
b metietur A ipfum B; ¢ quare B ipum C, & C

» fequentem D, 4adedque A eundem D merietur.
* Ergo A, & D non funt primi inter fe, contra

Hypoth. !

Pror. XVIIIL

Asq. B, 6. C,9.  Duobus mumerisdatis A,B;
Bq, 36, . confiderare an poffic ipfis teritis

: " propertionalis C invenivi.

"$1 A metiatur Bq per aliquem C, *erit AC.
=Bg. undebliquetefic A, B:: B,C. Q.E.F.
A,6.B,4.Bq,16, Sin Anon metiatur Bg,non erit

: aliquis tertius proportionalis :

Nam dic A.B ¢z B.C. *erg0 AC=Bq. “proinde

“B9_C, Scilicet A metitur Bq, contra Hypoth,
C A

Prog.




Lk IX. . g

Pror. XIX,
- A,8, B,12. C, 18, D, 27, Tyibus numes
1 : BC, 216. vis datis A,B,C,
i sonfiderare an

polfit ipfis quarens proportionalis D inveain.
, Si A metiatur BC per aliquem D, 3 ergd 2 9.ax. 22
*.e AD=BC; ®conftat igiturefle A.B::C.D.b ex 19.7%
Q.E.F. - :
M Sin A non metiatur BC, non. datur quartus
preportionalis, quod oftenderur, prout in pra-
cedenti, '

- Pror. XX.
Primi uumeri plures funt

A2 B, 3. C,5. omm propofirc  multitudie

5,30 G==ce me primorwm  numerOium
‘ .A,B,C.

* Sit D minimus, quem A, B, C metiuntur, a 38,4,
fi D1 primus fit, res patets fi compofitus,
bergo aliquis primus, pata- G, metitur D5, b 33. 7.
qui non eft aliquis trium A, B, C; nam £ itd,
quum is ¢ totum D 1,& d ablatum D metiatur, ¢ fuppofs
¢idem reliquam unitatem metietur. Q. E. A, ¢ “’;’ﬁfﬂ
Ergd propofitorum primorum numerorum mul= ¢ 1

g titudo auctaeft per Dtx;vel faltem per G.
A . 'Pror. XXI.

Al Sk

f 5 .3 3 2 2
1 A ... E wue B‘.-. F.. C --»G o 20
¢ Si pares numeri auotcungwe AB, BC, CD ¢om-
s ponanturyto'ws AD parevst. © o o
i *Sume EB=} AB,& FC=}BC;& GD=} 3 6. df.7.
5 €D. *liquer EB+FCrGD=}AD. cergé ¢ ;5%
+ AD ef pas numerus.. Q.E. D. '

)
L K3 ' Prop.
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a7 df. 7.

b 21. 9,
< byp.
421, 9.

'”..,.
b 25 3.

€ 7.4,

a 7.def. 7.
b byp.
¢ 3. 9

< E’UC’LIDIJ' .Elmnmm.
Prop, XXII.

o : 3
A F.Buu G, C....H.D.. L.E.22,
? 7 5 3

Si impaves mmeri quotcunque AB,BC,CD,DE ‘

compenantuy, miltitisdo -ansem ipforums (it par, totus
AR pareric.

Detrali unitate ex fin sxmpanbus,‘ ma-
nebunt AF, BG, CH, DL numeri pares, &

» proinde compoﬁtus ex ipfis par erit; addc his
< parem numerum conflatum exrefiduis unirasi-

bus, dtotus idcircd AB par et QE-D.
P“IOP. XXIIL !

75 Si impares mu- |
Ave Buw CLE. D 1§, meri quotcumque |
3 AB, EC, CD
COmPONAniury i =

titudo autens ipforum fit impars & totus AD impar
erit.

Nam dempto CD-uno imparium,reliquorum
aggregatus AC 2eft par numerus. huic adde
C —1 3 btotus AE eft etiam par; quare refti-
tutd unitate totus AD ¢ imparerit. Q.E.D.

Fror, XXIV.
4 5 83 i pari mumere AC
Auu Bn . D C 10, P” AB detmbam/, (ﬂ‘
rebiquus BC par erit,

Nam i BD (BC—
l)xmpar fucnt,’em BC(BD—1)par. Q.E. D.
Sin BD parem dicas, propter AB P parem,© eriv
. AD par; *ideque AC caAD_q.l )i unpar con=

" wa Hypoth, crgo BCeftpar. Q.E.D.

Prer.

|
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Plor. XXV.
¢ 1 Si & pari numere AB
A e D C o B 10. - impar AC detrabetwr,
7 - & reliquus CB mpﬂ

erit,

Nam AC_1 (AD ) *cft par. ber s DB 27 &f. 7

“%eft par. cergd CB (DB—1) ¢k impar, QRB.D, ¥ 34 2.

C 7.d¢f. 74
Pnop XXV],
4 6 : 8i ab impavi-numere
Anuc ncD ‘ ) & 99 AB’”ﬂ CB dmd‘
7 batur 5 reliquus AC
par evit. -

Nam APZr (AD) & CB—1 (CD)

- funt pam 'crgé AD.CD (AC) cft par 2y, defg '

Q.E.D
Pror, XXVIL
T 4 6 Siab impari umero
A.D..C....B 11. A pwdetrabatur CB,
S reliquus AC impav evit.

Nam ABel %DB)

Leftpar; & C3 gomtur par. Pergd reliquus a 7 def. 7.

&DE ‘par eft, =erg CD-1 (CA Jeft impar, ® b 24, dff 7

‘Pnor X XVIII.

A & impar mumerns A pavemt nume-

B, 4. vum™ B multiplicans feceric dliquem
AB,12.  AB, faltus AB par erit,
Nam AB a componitur €X im-abp & .
i A totxes accepto, quoties unitas cominetur 15.def. 7,

¥ inB pari. » ergd AB eft par numerus. b 1. 9

- Schal.
_ Eodem modo,f A fit numerys par, &zit AB
Fo
i R3 - ProP,
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[

Pror. XXIX.
A 3. . i impar mumerus A, imparem nsu-
B, B, 5. merum B multiplicans, fmm diquem

. ABsfaitus AB impar eviz.
AB’!’ " Nam AB? componitur ex B im~
. pari NUMEEO Toties acceyto, quoties unitas inclu-
F23.9. dituri m Aecam 1mym. bergd ABeft inpar.

@ 15.4¢ef. 7,

Q.E.D
o Scholium. _

3,12 (C,4. 1. Numeius K impar numerum

};;'; B pavem memm, per wumernm pae

. < vem C eummetitir,
a goax.y, Nam fi Ci impar dlcatur, quomaugl B=AC,
» 39.9.;  erit Bimpar; contra Hypoth. -

B,1s (C,5. 3. Numerss A mpar mumsc-

A3 rum B tmparem meticns, per mu-

mevum C impasem eum metitir,

s 289, -Nam 6 C dicatar pu‘, 3 crxt AC vel B gar
contra Hypoth,

B15 (Cy. 3. Omnisnamerss ( Ao C)

A3y _ meuem imparems mumerim B eff
: impar,
218y,  Nam G utervis A, vel C dicatur par, 3 erit
B numerus par, contra Hypoth.
I‘nop xxx. o
B (G D (B4
A’ 3 . A: 3 .

a by, Si mpar sumerus A parem wumerum B metia=
b x.Sckoh  tur, & i ‘m dimidium D metietut.

€ 9. 8x. 7, ‘Slt "y =C. bcrgo C cft  numerus par,

e byp. Siti 1guur E=1C, erin ne-—CAd-—zEAe—-:.D

£ 7. ax. 1. fcrgo EA...D, & ‘Promdc ,_. ""E. Q_E D
Prop;




! -« Liber IX. . 19¢
Pror, xxxI. | "

“A,9.8,8 € 16 D---  Si impar mumes

a s 7% A ad aliquem nk-

werum B primus fits & ad illius duplum C primus:

erit. ’
Si fieri potéft, aliquis D metiarur A, & C,

“’-# ergd D metiens imparem A impar erit, » ide- a3, fibol,
Sque ipfum B paris C femiffem metietur. ergd 89-9.

A, & B non {unt primi inter fe, contra Hypogh, ® 3% #

s ~ Coroll. -
/. - Sequitur hinc, numerum imparem qui od ali-

quem numerum progreffionis duplx primus cft,

primum quoque ¢ffe ad omnes numeros illive

progreffionis. .

. Pror. XXXIL /
* 1. Ay3 Byq. C,8.D,16. - Numerorum

; . A,B,C,D,&c,

' & binario duplorum unufquifque paiiter par eft tan-
tim,

Conflat omnes. 1, 4, B,C,D pares &fle; 2 ¢.4ef
atque b-* nimirum in ratione dupla, & ¢pro- b 20.def. 7.
inde quemque minorem metiri majorem por ali- ¢ 11.9.
quem ex iilis. ¢ Omnes igitur funt pariter ‘pa-~ 4 8. def. 7.
res. Sed quoniam A primus eft, ¢ nullus extra ¢ 13.9,
eos corum aliquem metietur. Ergd pariter pages
funt taiims Q. E. D,

- Pror. XX XIIL

i

,

. A, 30. B, 13, Si mumerns A dimidiumt B
De-- E--  habeat imparemy A pariter im~
fa eft tamtim. .

s Quoniam impar numerus B * metitur A per 2 2 byp.
; parem, beft B pariter impar; Dic etiam pariter b 9:4ef. 7.
" parem, © ergd cum par ali?uis Dperparem E § ‘f ;.
. metitur, unde 2 B=A<=DE. cquare 3,¢ 197,
i R 4 S
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fé.df 7. E ::D.B. ergd ut 2 metitur parem E, 6 fic B
& 30,47 par imparemabgmetitur. Q_F.P N,

Pror XXXIV,

A2f Sipar wimeus A, neque 5 biperio

. daplus fit, neque dimidimn babeat impa—
- yems; paviter par eft, & pariter impar, T
: Liquet A effe pariter parem, quiz dimidium *
imparem non habet. Quia verd fi A bifarierur,
& rurfus ejus dimidium, & bioc femper fix, tan~
8 7.4f.7. dem incidemus in aliquem *imparem, ( quiz
non in binarium, quoniam A i binario duplus
nen ponirur ) is mexietur A per parema nume-
$ Ufk39.9. rum ( nam ¥ alids ipfe A impar effer, contra Hy-
path, ) ergd A cft etiam pariter impar, Q.E.D:

S Pror. XX X V.
' A &6

Y 3 :
B P G132,
L L wees 18
6 4 8

9 L
D Honn Loai K N 29,

" 8i fint quotcunque numeri deincepr proportionales
A, BG, C,DN,, desrabantr autem FG i fe-
cundo, & KN ab ultime aquales ipfi primo A, evit
wtfecunds exceflus BE ad primam A, iti witimi
_ exceffis DK ad emnes A, BG,C ipfum antecedenses
o Ex DN deme NL=8G; & NH=C.
by Quoniam DN. C. (H-N? 2 :: HN. BG.
b17v5e (LN )2 LN.(BG)A. (KN.) berit di-
¢ 125 videndo ubique, DH, HN :: HL. LN :: LK.
d 3. ax, 1, KN.¢quare DK, C+BG—+A :: LK (4BF.)
e85, KN.(A.) QE.D. ,

Corell
Hinc ¢componendo, DN BG4C. A
BG+C:BG. A,

Fror.
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Pror. XXXVI. '
1. A,2.8,4. C,8. D, 16, .
E;31. G,62. H,124. 1,248, F,446.
M, 31, N, 465,

Pem-- Q---

8% db unitate quotcunque numeri 1, A, B,C,’D

¢ Weinceps exponantar in dupla praportione, quead totus
- *®compefitus E fiat primus, & totus hic B in sltimum

. D multiplicatus facia aliquem 3 factus ¥ eritper-

Sume totidem, E, G, H, L. ‘etism in propor- -
tione dupla continuc ; ergd 2 exequo A.D::2 147
R.L.bergd AL=DE‘=F. ¢ argd L= 5‘;,;;;- 7.

quare E,G, H, L, F funt = in ratione duplaz. d 7.ax.9)
Sit6—BE=M&F -E=N.cided M.Ez:¢ 5.0
NE+ G Hor Lfac M=E.8ergd N==g 14, 5,
E+G+ Ha L ergd F=1 —+ By hazoaxn
CaD Bt GooHALL=R 4N,
Quinetiam quia D* metitur DE ( F), letiam k 7. #x.7.
finguli 1, A, B, C ™ metientes D, nec non E, Lirne 7
G, H, L metiuntur F, Porrd nullus alivs eun- ™ **+ 2
dem F metitur, Nam fi alijuis, fic P; qui meti-

amr FperQ, *ergd P Q= F=DE. o ergs § 7,7
E.Q:: P. D, ergd ciim A primus numerus
.metiatur D, & ? proinde nullus alius P cundem p 13.9.
metiatur, Sconfequenter B non metitur Q, qua- 9 20. def. 7.
recim E primus ponatur, fidemad Q:primusr 3t.9,
zrit. fergd E, & Qin fua ratione minimi funt, € 23, 7,

& *propterea B iplum Py ac Q_ipfum D zque ¢ 3.7,
metiuntur. *ergo Q eft aliquis iplorum A,B,C. 0 13.7.
Sitigitur B; ergo cim ex 2quo it B, D 1: B.H;

x jdedque B H= DE =F =PQ, *adedque * 12-7-
Q.B::H.P.verit H =P. ergd P eftetiam ¥ 4 5¢
aliquis ipforum A, B, C, &c. contra Hypoth,

ergo nullus alius preter numeros pradiftos cun- 5 i3, def. 7,
dem F mezietur: 2 proinde F eft numerus perfe-

&us, Q. E.D.
r QB LIB,
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- LIB.X.
Definstiones.

B Ommenfurabiles magnitudines
R dicuntur, quas cadem menfura |
metitus, .

J ComMenfurabilisatis nota efs Th-, ug
D A T8 beceft inca A3 pedum.
commmenfiérabilis eft linee B 13
wia D linea wins peds fingulas A, & |
%irmiw" Itemof 38{ Tk 4/ 50; quia
A .\/z'_(:';gndad 18, & of 5O metitur.
Nam of =N 9 =3 &V R
. = 25 = {. quare of 18.4/ 50
B 11°3.5. o
o I1. Incommenfurabiles aatem
funt, quorum nullam communem menfuram
contingit reperiri, L
Incommenfasrabidisas fignificatur notd Qs ut f 6
T 25 () boc eft of &incommenfurabilis eft nu-
merd § 5 vel magnitudini bec mimero defignate;
qu':fl:hﬂm nwlla elt comnsunis menfisra, ut pofica pa-
tebit, -
11X, ReQxlinex potemtis commenfurabiles
:iimt, cim quadréta carum idem fpatium me-
wr, - s -

-

Huju[t,




I N

Libr X.

Hujufce commenfurabilitatis

b. e lizea AB fex pedii poten-
D . tid commenfurabilis cft linee
B E €D, que exprimitur perf

Cre © 20, guia fpatium B unius pe-
no _dhisl quad;;ti muitx;i tam

: ( %am yeltangu~
“D— lwr:;{Y3 (zo%,' tui ¢quzl¢ge§

e quun 4 guadratum linee CD(4/20
: Eader aota G- nonpunquarns
% y valet potentid tantiim com-
menfurabilis; .

1V, Incommenfurabiles vers potenti, cim
quadratis earum nullum (patium, quod fit com=
munis corum menfura, contingic reperiri.

Hujufmodi incommenfurabilitas denotatur fic 3
§ "G va/ 8; hoc eft numeri vel linea 5, & v/ B

[ient tacommenfurabiles potentid, quia harwwm quas
drata 15, € o 8 funtincommenfitabilia,

V. Quz cim itd fint, manifeftum eft cui-
cunque re&2 propofitz, re&as lineas multitudi<
ne infinitas, & commenfurabiles effe, & incom-
menfutabiles , alias quidem longitudine & po-
tentii, alias verd potentid (olim. Vocetur au~
tem propofita refta linea Rationalis., "

Hujus nota eft po , S

V I. Et huic commenfurabiles, five longita~
'{linc'& potentia, five potentii tantim, Rationa-

es, °p.

VPI 1. Huic verd- incommenfucabiles Israti-
onales vocentur,

He fic denotantur’e.

- VILI. Etquadratum, quod 3 propofitare-
&4 fit, dicarur Rationale, gy. , .

I X, Et huic commenfurabilia quidem Ra-~

EiPnaha F@- ! o ) N

X. I"I"uiq

Arrpee® e T was T-CD;

v u‘\
O
Ko7l
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a o154,
b 67. 1'.5

. & proinde FD = of 30—/ 20 eft §, juxta 112
[ 4

EUCLIDIS Elewenorssn
X. Huic verd incommenfurabilia, Irrationa«
lia dicantur; fa.
XI. Bt re@e, que ipfa poffunt, Irraticna:

ke,
V S "Mu;
Ut pofivermse 7
) definitiones  ex—
emplo aliquo i s~
firentue , Gt cir—-
' culus ADBP
L . cisfus femidiame-

; B ter- CBs buicin

)
§:
5
=~
3

natarum, Hexa-
_ goni quiders BP,
A P Trianguii AP,
wadrati BD, pentagoni ¥D. Itague fiurtas de-
zn.,{'emidimter CB fit Rationalis expofita, nwmere
2. expreffa, cui velique BP, AP, BD, FD compa-
pandefunt %3 erit BP* — BC = 1. quare BP et
} TBC, juxta 6. def. Item AP P =4/ 12
( nam ABq (16 ).— BPq(4) =12 ) quare AP
et BC, ctiam {uxta 6. def. atque AP
Zﬁx z)-g‘gy,per def.9. PorrdBDb — v _Dt ]
L BCq=4/ 8; unde BD ¢ft § - BC;¢ BDgq
pr. Demaue, FDq =10 =/ 20, (mt patebit ex
praxi ad 10. 13. tradendd) evit fr, (uxta 10def.

defin.

Pofnlarum.
POﬁuIetur, quamlibet magnitudinem toties
pofie multiplicari, donec quamlibet magni-
tudinem ejufdem generis excedar,

Axiomata.




N Liber X.
: ey s .
‘ eAxiomara.

I 3 thnimdo quotcunque magnitudined
metiens, compofitam quoque ex ipfis

metitur, -

g # Magnitudo’quameunque magnitudinem

- metiens, metitur quoque omnem magnitudinens

. quam illa metitur.

- 3. Magnitudo metiens totam magnitudinem

y S ablatam, metitur & reliquam, \

' Pror. L
"« Dudbus magnitudinibus inequalibus
B E rAB,Cmpo?t%:”ﬁ i majore AB- aufes
| rawr majus quim dimidium, (AH) &
X GT ab eo (HB), quod veliguumeft, ruifus de-

F; | & boc femper fiar s velinguetur tandem
quadam. magnizude- 1B, que minor erit
propofiti minore magnitudine C.

' Accipe Croties, donec ejus multi-
" ACD plex BE ptoximé’cxccdat AB; sintque
¢ DPF=FG=GE=iC. Deme ex AB plus-

imidium HI, & fic dcinceps, donec partes AM,
HI,IB 2qué multz fine partibus DF, FG,GE.,
% Jam liquet FK,quz non minor eft quim 4 DE,
majorem effie, quim HB, qua minor ¢, quim
-2 AB— DE. Paritérque GE quz non minor
¥ eft quim 4 FR,major eft quim IB— L HB, -
g0 C,vel GEc-1B. Q.E.D.

Idem demonftrabitur, fiex AB auferatur di-
midium AH, & ex reliquo H B rurfus dimidium

s 311, & itd deinceps. .

\

.“
+4

1

¥ “tyabatur majus quim dimidium (HIL) ,
A

.

]

X gtum dimidium AH, & 3 reliqguo HB plusquam .

s Pror.




104 EUCLIDIS Elementirnm
Prop.- 11
'y, S5 duabus magnitudinibus.inequalibus
{ propefisis (AB, CD) detvabatur femper
F i AB de majore CD, alterri qui-
dam detiatione, @ veliqua minimé pra-
cedentem mctiatur 5 incovmmenfisrabiles
ciwnt ipfa magnitndiaes. ‘
Si fieri poteft, fit aliqua E commus y
nis menfura. Quoniam igitur AR de-
trafta'ex CD, quoties fieri poteft rel
linquit aliquam FD fe minorem, &
. A 2 FD ex AB relinquit GB, & fic dein.
a e, ceps , * tandem relinquetur “aliqua
b byp. ‘G E. ergd E b metiens AB ¢, idedq; CF,
< 2. ar. 10, 2 & totam CD; detiam reliquam FD metietur,
& 3. ax. 10, Proinde & AG;dergd & reliquam GB, feipfi
minorem, Q.E. A. : R

Pror. IIL
’ D1 Dudbus megnitudinibes commenfiera~
A bBilibus datis; KB, CD, maximam
earum communems merfiuram FB ye-
B B4 perire. o -
F Deme AB €x €D, & reliquem
I T ED ex AB, & FB exED, dogec
e 4 FB metiatur ED; (quod tandem §-
FREN TN T4 O 2 quia per Hyp. ABT-CD) ¢-
tit B quzfita, \

—d

R SV
2
——

b confir. . s
e Nam FB ® mietitur ED, ¢ idedque
§ e IALCl-ipom AF; fed & feiplam, 4 ergd

etiam AB, & © propterea CE, 4a-
debque & toram CD. Proinde FBcommunis i
¢t menfuraipfarum AB, CD. Dic G commu-
nem quod; efie menfuram, hic majorem; ergd G
metiens aB,& ( D ¢ metitur CE, & € reliquam
€ 2.ax 10, ED,<lididque A¥, & fproinde reliquam FB,.
t3 ex. 10, majormirorem. Q- E. A, .

Coiol, l



Liber X - < - -16%

Coroll.

Hinc, magnieudo metiens duas magnitudi~
. mes, metitur & maximam earum menfuram
. Communem,

"'. ' Pror. IV,
A ]
‘ A
S B n
C B F

; Tiibus magnitudinibus commenfisrabilibus datis
: A, B, C; maximam earum menficram communeins
invenire,

2 Tnveni D maximam communem menfuram
duarum-quarumcunqtte A, B, * item E ipfarum
D, & C maximam communem menfuram; erit
E quafita,

Nam perfpicrum eft B metiens D, & C? b. conflr. &

-metiritres A, B, C. Pata aliam F hic majo- 3.ax.10.

. remcafdem metiri, ¢ ergd F metitur D3 ¢ pro- ¢ eor. 3.10.
¢ inde & E, ipfotum D, C maximam commu- ‘
. nem menfuram , major minorem. QE. A,

a 310,

ST Wk R LT

: Coroll, - .. ~

s Hinc quoque Magnitudo metiens tres magnis
| tudines, metitur quoque maximam ¢arum con-
' munem menfuram, ‘ -

*

L : Prez». V. .
- 1(;: - 2' 4 - Lommenflirs-

—— o1 . ) Crigdia
: B : B 3. biles magnitudi

! » nes AR inter
« Jt rationem babent, quim numerks ad mumerwn,
| s Inventi € ipfarum A, B maximd communj a 3. re. |
~ meanfud; quoties Cin A, & B, toties 1 conrti.
' neatur in pumeris D & E. 2 ergd C.'A 1:1.D; b 20. def. .
quareinveeK A C s D, 15 b atjui Ctia:% C,
o ' a B



£ 31.5.

a fib. 10. 6,
b t;nﬁr

<. byp.
@i,

e S.ax.7.

f 0. def 7.
conflr,

E L def. 10,

a 6.19,

a 5.10

'J;vcszzs Blementorins |
x. E. cergd ex2quali A. B:: D, E..‘
N. QE.D.
) Provr. VI

i—"—‘ - E o & dueme
s 5‘_3. gritudinesA,B |
wnter feproporw
tionem hnbmtt, quim nwmerss C ad mimetum 13
‘commenfrabiles evunt magnitudines A; B.

Qualis pars eft 1 numeri C, * tahs fiat E ip-
fius A. Ql_omam igitur E. Ab:: 1, €, arque
A.Bc:: C.Dsidcx xquocml!. B: it r. D,
ergd quum 1 ¢ metiatur numerum D, fetiam |
E metitur B, fed & ipfum A § metitur, ® exgo ,
AT- p. QE.D.

. ~
Proe. VI
A — Incommenfurabila
B m_wmd;m A, Bip

ter [e propariionein uon babent, quim uwmerns ad
NRME UM

DicA. B:: N.N. 2 ergd AT B
contra Hypoth,

. Pnop. VIIL

A Si dun. mgmmduza
3 A, Binter fe proportie-

pem now habeants quawm mumerus ad numerim, - in-
commenfurabiles erunt mgmudmes.
Puta A T B, tergd A.B: : N. N, coa-

tra Hypoth,
Pror.
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Libr X 39y

Pror, 1X,
A Quea & rehis lineis longitu~
,’f 4 = dine commenfurabilibus fiunm
F: 3 quadrat , ipter (e propostics

nem babents quam quadratus
mumorns ad quadratiom mumerum: & quadvatain= -
ter fe proportionems habentiay quam quadyatus nume=

v o5 ad quadratum nemevum , & lateva habebunt

Y

PR < M SR SRR

th
bt
il

-

"

longitudine commenfirabilia. Zue verd i velis
Lineis longitudine incommenfistabilibus fiunt quadic-
ia, imter [t proportionem non babent, quam quadra~
tus numerus ad quadratem numerum : €& quadvats
inter e proportionem nen babentia , quam quadratas
nmevus ad quadvatum numerum, neqs latcrababc-
buntlongitudine commenfurabilia,
1. Hyp. A. T} B. Dico Aq. Bq :: Q.- Q.
Nam * fit A, B :: num. E.num. F. ergd-a per. 5. 16,

Ag sbA . B,. BqQ . o b 20.6.
% (b-—s' b”-)‘: 'Fbls": f:-; cergd Ag sﬁb.szs. 5
Bq::Eq.Fq:: Q. Q. Q.E.D. e

3 Hyp. Aq, Bq:: E?. q.:: Q Q Dico Acse
_ Ars gtAQ Y. Eq . Efag g

0. B. Nam 35 bis. ’( i‘?:) '=15ﬂ b= £
bis, iergd A. B E. F N. N.kquarc A : ;dx’.s’.s .
P‘B’Q’E'D' ' 4 k610

3. Hyp. A “TLB. Negoele Aq. Bq::Q. Q_
Namdic Aq. Bq: Q.Q_Ergd A T B, ut
modo oftenfum eft, contra Hypoth. ~

. - 4. Hyp. Non Aq. Bq::Q Q. Dico A ‘TL

B. Namputa A " B;ergd Aq. Bq:: Q: Que
modd diximus, contra i—l‘ypoth. LR
Corall,

Linex Tl funt etiam "Tf-; at non contra.Sed
Hacz™T1 non funt idcicco " linex verd ‘TJ-
funt etiam T

S3 Pnon;
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298  EUCLIDIS Elementoygsm
CSiCTL Azidedoerit C. AN,

Prop. X, '
Si quatsor muagnitudines proportie~
nales fuetint (C.i\g:: B. D) P;ima
| verd C [Runde A fucrit commenfu- '
! l rabils § € tertia B quarte D commen— |
«fwrabitis erit, Bt i prima C fecundm
. Y A fueritincommen(urabilis, & tertia B |
\ quarte D incommenfuralnlis erit, - |
€ ABD : |
a . ro. Nb:p D.bergd B D.Sin C i
b 6o, ‘p3 A,ergd cnonerit C.A: N, NuB.D. |
$7'%  dqureBT.D.Q.E.D.
‘ : LEMMA 1,
Duss suumeros planos invenive o qui proportioness
non habeant o quum quadratus vumerns ad quadyas
S NUIBEYNI, ) _
Huic Lemmati fatisfacient duo quilibet nu<
meri plani nen Gmiles , quates funt numeri ha-
beates proportionem fuperparticularem, vel (u=
_ perbipartientem, vel duplam, ve etiam duo qui-
vis numeri primi. vid. Schol. 27. 8, )

LEMMA. 2,
-l e
p_ KA G LM

C HE PR

-~ Invenire lineam HR., ad quom data reifa Unea
KM it in vatione daterwm sumerorum B, C.
a fhre. 6. aDivide KM in partes zquales 2qué mulras
unitatibus numeri B. harum tot, quot unitates
B3 L funtin numero C, ® componant reGam HR.
kquet effle, KM. HR.:: B, C. .

- LEMMA 3.
Tnvenire lineam D, ad eujus quadratum daza ré-
le KM quadratum [it in rakaie datornm nimes-

B

?

B) ’J C’ ;:

.

Lo B,‘(O, . Fac




Th-

BRI S

A
E

. " Liber X. ' a9o
. TFacB. C *:: KM, HR, acinter KM, & a 2.lem. to.
HR P inveni mediam proportionalem D. Eri l‘)°-, -

KMq.Djc::KM,HR4:B. C. ¢ 20. 6.

d confi.
. Pra?r, . X1~ ’
e D20, Dropofite velta li-
— G356 ue Amvenive du %
b . velfas lintas incor~
amenfurabiles 5 alreven. guidems D longisudin: 12
tim 5 alteram verd Eeciam potentid, .
© %, Sume ntimeros B,C,? itd wt nfn fit %C ar km 10
. Q. b fiatque B. C:: Aq.Dq. eliquer AT 12
%.(slcd Aqé-0-Dg Q.E.F. b 3 fom io.
2. 4Fac A.E 3t E. D, Dico Aq'T- Eg, ¢ 2. 10.

Nam A. D ¢:: Aq. Bq. ergécum ATl D,g ss"
ut prits,  erit A 3~ Eq. Q E.F, el
. £ 10.10.

Pror. XIT :

-, Rue (A, B) ciders maguitudini @
¢ fuat comvien{wiabiles , & inter fe funt

commenfirabiles, : - S
\ Quia AT C;& C T1.B,26cA 25

‘g C:uN,N:D. E. :
11:),218611, 8 aq T, BuN. N F, b4 d
Hela 31'( ¢ G-Pfumanturtres nu- - .
: CELh R0 e H,ILK minimi - © @t~
ABC  jprarionibus D gd B, & F ad G.Jam 4 22. 5.
quiaA.C¢:D.E¢iH. I acC.Ben: F.G® % '™
e T.K deritex 2zquali A. B H- Kt N.
NceegsA - B QE.D, C.
Schal.

Hinc, omnis re@a linea radonali lincz
¢ommenfurabilis, eft quoque § rationalis. Et
‘omnes re@x rationales inter fe commenfurabi-
Tes funt, (sltem potentii. Ifem , omne [patium
yatjonali fpatio commen(urabile, eft quoque ra- def. 9o ©
tionale; & omnia fpatia rationdlia inter f& com~
’ . S4. menfun- - .

12,10, 8
def 64
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EUCLIDIS Liminivin

menfurabilia funt. Magnitudines vers, quarum

« def. 7. & 10, altera cft rationalis , eltera irrationalis, funt in-

2 b
» n’a':_'x o}

a ).
b‘x’!.u.

2 b
b7
€ 37, 8,

. €q. Dyg. £ ergd dividendo Aq—Bq. Bq:: CB_

ter fe incommenfurabiles,

Proer. XIII
A e S fint dus magritmdines A >
T . B & diera quidem A cidem
C fit commenfurabilis, altera
wero B incommenfurabiliy incommenfurabiles evunt
-magnitudines A, B .
DicB T A,ergo cim C 2 Q- A, b erit C
1. B, contra Hypoth, ' ,

Pror. X1V.
8i fint due magnitndines commenfiss

vabiles A-s B; altera autem ipfarum
A magnitudini cuipiam C incommenfura-
\  bils fuerity & religwa B cidems C incomn-
| menfurabilis evit,

Puta BT C.ergd cim A T1-* B,
4B C Peijt AT C,conraHyp,

Pror. XV.

§i quttuer reffa l-
- nee preportionales fue-
rist ((A.B:: C.DJ;
. prima.verd Atantoplus
Pt quim fecunda B , quantum ef quadrasm re-
Bealinca fiin commenfurabilis longitudine: & tevtia
C tanto plus poterit , quiin quarta D , quantsm
of guadvatum velia lince fibi longitudine commen-
Jurabilis, Quidfiprima A , tanto plis peffit quim
fecunda B, quantam eft quadratam yella lince
i incommenfurabilis longitudines & tertia C tan-
1o pliss poterit quim quarta D, quantum eft quadra-
twmrella ligea fibi longitudine incommenfurabilis.

Nam quia A, B 2:: C, D, P erit Aq.nq::

UAwd

q.




: " Liber X.- 20!
- q..Dq. dquate 4/ : Aq—Bg. B 11 ¢/ CqDg, 4 22. 6.
D?‘in?rengndo iémr ql Jq: Ag—Bq q D. ~/q $€com 4 5
Cq—-Daq,f ex zquali A.v/¢ Aé—}iq o faa, s,
C. : Cq—Dg. proinde 6 ATL, ¥l Ty
_ Aq—Bq, serit fimilier C L, vel ‘T B 10T
Cq— an Qu_Ev D- . 4 ‘.

Pror, XVIL
N Si dua magritudi-
. A Cm commenfisrabiles
P ——— AB, BC componnn--

' L. Iur , & tota magni=
tude AC striqsipfarum AB, BC commenfurabilis
- evits qudd fi tota magnitudo AC uni ipfarum AB,
. Y8 BC commenfurabilis fuerit, & qua & princi— -
pie magnitudines AB , BC commenfurabiles erunt.
1. Hyp. 3Sit D ipfatum AB, BC communis a 3. 100
- menfura, bergd D metitur AC.¢ergd AC T b 1 ar 1o
AB, & BC. Q.E. D, ' o€ Lodefon
2. Hyp. * Sit D communis menfura ipfarum ' .
. AC, AB; ¢ ergd D metitur AC — A8 EBC) 3 d 3 ax 1o
¢ proinde AB - BC, Q. E.D. -

, Corell:

Hine etiam’, fi tota magnitudo ex duakus

_eompofita commenfurabilis fic alteri ipfarum,
cadem & reliquz commenfurabilis erit. .
i Pror. XVIL

- L: i dua magnitudines in--

A D B C commenfurabiles AB, BC

componantur,. & tota magni-

" tudo AC strique ipfasum KB, BC incommenfura-

" il erit ; Rudd [i tota magnitudo AC uns 1pfa-

rum AB incommenfurabilis fuevit & qua i priv- .
_¢ipio magnitudines AB. BC incommenfuiab:ics

LYRIDE, .
- S5 5. Hyp..
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a 3.
b1
-
1

€ 16, 10,

PIRT %
b 23. 6.

c.8. 2.

d eonftr. &
4,2,

£x. 10,

def. 10. AC—= AB ( BC). bergd AB 1 BC, contra.

AB, contra Hypoth,

EUCLIDIS Elmentornms
1. Hyp. Si fieri poteft , it D iplarum AC,
AB communis menfura. 3 ergd D metitur

Hypoth. .
3. Hyp. Dic AB T BC, <ergo ACTL

Covoll, .

Hine etiam, fi tota magnitudo ex: duabus.
cempefita, incommenfurabilis fit alteri ipfa-
m, cadem & relique incommenfurabilis erit.

Pror, XVII I,

' Si fuegnt
dne re;f? i~
nea.inequales
AB , GK;
: L ; quarte “::lem .
: —3~ \ Parth qRady .

A £ CD E 1, quod fit &
G— - ¥ mimii GK .

H - aquale pardds

_ ddlogrammum .

ADB ud majorem: AB applicelus , deficiens figurd
-quadratdy & inpartes AD, DB lomgitudine com-.
_menfurabiles ipfuw dividat-, major AB. tantoplis

‘poterit quam miner GK ,} quantuns eft guadratum
vecte Linea ¥ fibi longitudine commenfurabilis : -
Quid fi major AB tanto plus poffit, quam miner-
GK; quantum eft quadvatum refta linea FD fibi -

bongitudine commenfirabiljs 3 quarte autem parti

guadrati 5 quod fit & mingri GK; wwale paralle-
logrammum ADB ad majorem AB. applicetur, .
deficiens figurd quadvatd, inparces AD, DB lox-~-

gitwdine commenfurabiles ipfam divider.

3 Bifeca GK in H; & facreGang. ADB =
GHgq: abfcinde AF =z D8, Eftque ABq ¢
4 ADD ¢ (4 GH4q, vel HKg) ~+ FDq. Jam,

LT A P{Jméu




: - Libde "X - - - 204°
ptimd,5i AD T De,erit AB* T DB ¢ 16. 10.
2 DB f (AF . DB, ¥l AB_FD) sergo £ coujtr

Ap T ¥D. Q E.D. Sinfecundd, ABTL § 21610

hcor.16.10.. .

¥D, berisided AB T AB—FD (2DB) k i2 1.0
k ergo AB - DBf 1 quare AD “TL. D}&-‘ 36, 30..

. E..D. .

g‘ . P&OP. KI x.‘— .

- E .. Si fucyint
duc . reite
linea " ing-

" . gquaes, AR, .

- GK,quuta .
'B autem - pay-

: - B qyadiaiy |
: G e v, quod fir

Y minoi: GK,.

, aguale pii~
_ . ) allelogyan-
wun ADB ad majorem AB applicetur deficiens f;- -
guid quadratd 5 & in partes incommenfiiabils
longitudine AD, DB, igfum A3 divida s maor -
AS tauto pliis poteist, quam minor GKy quantim
eft quadiatum recie linee ¥D, fhilongitudip: i~ .
commenfurabils : Quid fi major AB tante plis
ity quim minor GK, quantim (f} quadiatiii yeo
5;; lince BD fibi lomsitudine incommenfurabilisy
guate airem parti quadeati, quod fit % migore -
GK, aquale paralleligrammum ADB ad majoron
AB arplicetur, deficiens fighrd quidratd , inp.ites |
tongitudine incammesfurabiles AD, DBipfam B,
dividet, .

Fafta pute; & di€tzeadém, quz in proce- 2 17 10..
denti, Itiqs primd, 8i AD*. DB, *erit pro- ; ‘O.
prerea ABTL-DB3 ® quare AB T = DD .
( AB— FD) “ergd AB ‘3. FD. Q. E- D.

Secundd , Si ABSTLFD; cergd AR'TL,
AB —FD (2DB); ¢quare AB'D-DB, &

:2{°inde AD ?.DB. QE.D.. ko,

d 13. 19,
e 17, 30,

c eor 17000,

g Aty W e LIRS re




2e4 + ZUCLIDIS Elmiwiinw

A Prer, XX.
, ub yationa-
. TA Libus opgt{ydine com-
 — . - wenfisrabilibies veltis lis

neis BC, CD, fecun-
dim aliqrem prediTo~
' 1 vam modersm, contine~
[ D tur rellangulum BD,
vasionale eft. |
1. Exponatur A, . &3 defcribatur BE quadra-
6. wmwmex BC. Quoniam DC. €8 (BC )b ::
tato, BD. BE. & DC « T BC; ¢ erit reang,
e byp. ¢ 9. BD Thquad.BE. ¢rgd quum quad.BE* G3-Ag;
ﬁ}.'?.. :{rg %o T Aq. preinde relang. BD cft jr.
Not.. Tria [Rnt genera linterum rationalium in-
ter [ecommenfurabilium. Aut enim dearwm linea-
um rationalinm longituding inter [¢ commenfjrabi-
b altera agqualic eft expofite vationali, aut neniva
* vationali expofita equalis eff, longitudine tamen e
aevague eft commenfurabilis ; ant denique wivague
sxpofitm vationali commenfirabilis ¢ft [olim poten=
fid. Hi funt modi illi, quos innuit prefens theo~
rema..
In numeris, it BC, V8 (24/2) & CD,/1&
€34/ 2 ), critre®ang. BD=/ 144 =12.
Pror. XXI. D
D F Si rationdle DB
. | #d rationlem DC
| applicetur 5 latitudi-
. . . nem CB. efficit Drl—
e . o litnalem, & € DC
AT C Gl quam applicanm
- o8 DB, longitsedine commenfurabilem..
ol & Bxponatur G, . & defcribatur DA quadrae
it ;c‘h"i:. 10, tum ¢x BC. quoniam BD. DA *:: BC.CA;.
dio 1 atque BD: DA Pfunt fe, tidedque T3 jd erit
. . m

14

aAagh
J-&

E

-




i - Liber X. :u'g
3C11CA. atCD(CA) boltj, ergd BC e fib 1350
Cﬁ’p. Q_E D.

w In numeris, fit re®ang. DB, 12; & DC, / 8.

* ef:;CB ,{xsatquxg/ﬁ:g\/z.&,/s_z. . ,
x

- LEMMA.

“ove i, Das vechas vasimales pos
' - = zentid [olim commenfurabiles
invenire..

SuAcxpoﬁtap.‘SumeB'g-A 3& CTLB. 2 11. 10,
* liques B, & C effe quaficas, 'H- b fih 13w,

b

i3

K Pror. XXI1. .
f l Luod fub ratis-

nalibws zc cB ..
# entia [olnm com~ .
: Elj:l e
neis Continetuy ve-
f BG H angvlum DB, :;_
" yationde rﬁ, & refa linea i q)]‘m Dbetens, irvatiy-
_ -malis; vosetur autems Media.
Sis G expefita §. & deforibatur DA quadra-
wum ex DC; sitque Hg=DB. Quoniam AC,
, CBa:: DA, DB. *atque AC'T-CB, ceric 2 .
DA ‘T-DB (Hg). 4arqui Gg 13- DA ser- ¢ f? o
8o Hy‘g-Ga. fcrgo Heft p, Q.E..D, vo-d k. & i
cetur autem Media, quia AC. H.:: H. CB. :’f;; %o
" Innumeris, 6t DC, 35 & CB,y/ 6. erit re= § 11100
&angulum DB (Hq) 4/ 54.quare H eft 14/54.
Mediz nota eft u; Medii verd up; plurah-
ter uet..
SCHOL.
©Omne reftangulum , quod poteft contineri’
fub dusbus redtis rationalibus porentia folim
eommenfurabilibus, eft Medium; quamvis con-

uneatur fub duabus redtis. unuonmbus, arque:
: S emne:



g06 EUCLIDLS Elementorsm:
. omne Mediunyporeft contineri {ub duabus re&is
- . rationalibus porentid tantim commenfurabili-
bus. ut cxemp. gr-o/ 24 eft par, quia continetur
fub J 35 & 4/ 8, qui funt 5, Tl etfi poffis con-
tineri fub v/ 6 & 4l 46 irrationalibus, nam
vaua=w 576=m\/6 inuy 96.
Pror. XXIIL. 9ind (8D)
‘ : d (B
oA, media A fit, ad
vafionalem B C
.. applicatum, lati-
tudinem CD rae

¢[¥ BD longitudine mpmmj’ wrabilem, .
.22 uoniam A clt i, erit Aq reQangulo i
L EG) xquale, contento fub EF, & FG
2 6. p'g.. bergd BD=EG. ¢ quare BC: EF :: FG.
": . CD. dergd BCq.EFq:: FG1. CDq. fed BCq,
gf;o 119 & EFq. funt pa,f ideque T3¢ ergd FGq L
h fib.13.10. CDG. Ergd quum FG fied, b erit CD, Por.
llr 1.6, . .ro, quit EF. EGX:: BFq, EG(BD), oh
lO-
& finrs.10. BF ‘- FG,Lerit BFq“n. BD. verim g

n 13.30. ™. CD% ®ergd reQang. BDTI-. CDq

a
b
<
d
¢
f

0.1 6. quum igitur CDq BDe:; <D JBC.?eric CD :

P10 AQs. ln BC erg &C
Pxor. XX1v,

C Medie A

commen(irabilis
B, -media eft.

Ad CD, ¢

* fac reQang,

" CEzAg &

’ A,
24T ‘j', B

bk, Bq. Quoniam
€ 234400 Aq (CE) eft ur, 8& CD}, eric. laritudo

- DE.

F D — g reftang. CE=.

{

tionalem efficit . |
— & ¢ BC, ad
B KE F quam applu'atm'




- Liber X0 L oy
DB § "T-CD. quoniam veré CB.CFd::d 1. 6,
ED. DF, & CE . CF,ferit EDTLDF, § br-

' f 10, 10,

s.ergéd DE eft 13 CD. "crgc’: rectang. CFE g 13, & 13-

(BY) eftun, & éroinde Beftp. QE.D. 1o
Nota qltb;i Jignum ) plerwmaue valc poten- h 33, 10,
id tantim commenfurabile,ut inbac demonfiratio-

o ne, & in praced. &rc. quod intellige , ut’ ex ufis

“* ®grit, & juxtA citationes.

_ Loroll,
~ ‘Hinc liquet fpatium medio fpatio commeafus<-
rabile medium effe. .

LEMMA. :
A Duas veftes medias A, - ~
'% B longitudine commenfurc-
biles 5 item duas A, C ps-
Sentid tantiim commenfurabiles inveaive. 2 lemanae;
_38it Apquavis*fume BT A; X CT-A. & 13. 6,
&Fa&um effe liquet, l;oz. lem.xo,
Pror. XXV. - € 3. lem. 1o

N 3 1Y
wod fub DC,CB mee d confir.

K dii:%}zgitfdine commenfura- % 24. 10,

bilibus yveltis lincis continethy
: 'f;ﬂdkgulnm DB, medinm
. ‘ eft. o
; x  Super DC conftruatur
-B ‘_C . A drgrum DA. Quonjam 2 1. 6.
AC.(DC)Cp*-:DA.DB&DCTICEB; b ‘:e. :::
beuit RA DB, cergd. DB eft ur. Q. B.D- ¢ 4 ~

5 .

- N i

T; 22 Prewy. B}




208 E‘UC’L TDI1S Elementornns [
: Pror, XXVIL

EM e 1L

Qt’od [ub medm potentid tantim camme»fwa- '
bilibus veltis lineis AB, BC comtinetur veitangw-
ixm AC,vel ramnalu#, vel medium.
, Super re&tas AB, BC 2 defcribe quadrata A,
8 46, 1] CE arque ad FG §, b fac re@angula FH._
b u K126 AD, b& IK=AC, * & LM=CE.
' (Ladrata AD, CE, hoc eft re&tangula FH,
0 LM < funt pa, & Ts ergd eandem Babentes
¢ ”]P"“’f' rationem GH, KM funt 4 fr& T fergy
aa; ro. GHxKM eft pr. atqui quia AD AC, CE,
e 10.70. . hoc eft FH,IK, LM zfunt £ & "promdc :
f 20. 10.  GH,HK; KM etiam -—4,’ K erit HKq:GHx ~
iqf:&‘ KM; tergd HK eft §; vel - vel -1
k 17. 6. (GF), i -, = ergd re@ang, IK, vd AC |
113 100 ett§ . Sin T, »erg0-AC et wr, QE.D; |

M 30. 10,

m 32,18, LEMMA.
Si A, &

- E fint '
e

. - Evunt primo, Aq, Bq, Aq+Bq, AgEq'TL
::’x’o..& " Erunt fecundo, AGEQ, Aq+Eq, Aq—EqTi
b1.6 AE, & 2. B, NamAEb-AqAEs AE.
© byp. Eq. crg& cimA<'TLE ‘entAq"ELAEe&
d'io.10. 3 AE. item Eq4'T1L B, *& 3 k. quare e
e 14 10 Aqdpﬁq'u.Aq, nEQG& Aq_gq T AKX

Bq33




A ]

Liber X. " 369
Kq, f erunt AQ+Eq, f & Aq—Eq 'TL AB, & £ 14. 10.
a AE,

Hinc evunt tertio, Aq, Eq, AQ+Eq,Aq—E :
s Bs'TL Aq.;-Bq.u-; X; &qu_quiz Jg’ ‘ '4’ 16, &,
t&A E 2 AR A Eq— .
‘(Qq‘.:nq_.. R hm 73

Pror. XXVIL
i C B Meclism AB won
IJ\. Swperat medinm AC

rationali DB, S
Kby - Ad EF §, 2 fac 8 ar.16.6
= . BG=AB, X EH
' =AC. ’Re@an-
B G AR fune b b
i ; ¢REGE unt
F H G ‘pat'crgd FG, & ¢ 33. 10,
FH funt § 'g.p_p
jtaque A KG,dideft DB it p pree erit HG 13- 2 3;‘ n:.: .
HK;f quare HG‘I}FH £ ergo FGq"q.qu £ 13, 100
fed FH eﬁ p- herg6 FG cft § P veum Pn“’ E lem.26. 10

ot FG j» Quz repugnant, e
SCHO L.
. v, Raimale AB [uperat
F D E e AD ramnalx CE. , by
Nam’ AE *“TQ_AD; b cor.16.10
bergd AETI-CE. ¢ quare © fib 33:1%

-

f\ c CB eﬁ’}'o QE D
. ationale AD cum yoeo
E D E = CF fai rationale ,
) AF. a feb 13,10,
} Nam AD *TLCF3b 16 10,
b quare AF Q. AD , & € fih1dro

) roinde AF e& .
B A GFypoinie AF S r.
T3 . Pror




5“‘: .E vCcLIPlS: Eme:romm

Pzor. XXVIII
Medias igvenive ( C, & D ), qua

I ratiomile CD contixeant.

alm,auu- l ‘SumeA,&BF"g_aﬁcAc

b 13.6, C.B. ¢amque A.B:: C.D. Dics )
ol \ faGum. Nam AB (Cq) ‘el ur;

¢ confh, 4 unde C ek p. q\mmve:o A.Be:s

£ 10! 10, \ \ C.D,ferit CTD® ergd D efk e

£ 24. 10, e

porro permutandoA C::B.D.cha
he ACED C.B::B.D, hergd Bg—=CD.
b fehaz.xo atqui qucﬁ:pr. IIergé CDeft § pro Q.E.F.

|

In numeris, fit A, J 2; & B, 4/ 6. ergo Cyeft

W:z facy/ 2.4/, 6 uJu.D veluJu;J

i vyf 12, D. ctltD vy/ 108. atqui ve/ 12in
vJ 108_.:,4/1196_4,/36-—6 ergd CD.cft 6.
item C. D ;1 1.4/ 3. quare C-D.

Pror. XXIX

Medias invenive paten:m tantion
osmmen[urabiles D, % E, qua wed:-
‘aw DB mmmnr
3 Seme A,B,C p“g_. FacA.D

‘a lem.ar, e, ‘ [

cir e l ::D. B.<&B. C i D. B. Dico
d 17, 6. . fa&um B

:_zz.&m. | ! ' Nam AB =l—'D & AB‘tﬁ[.ﬂl
e Appex THADeRE &Bf'g'c’mg"

24. 10, ’ ' D—g-E “ergo E eft @ POrro,
Kcntr% B.C*:D,E, & permutando 8.D:: C.E
gr-4.5 khoc &t D.A:: C.E. Iergd DE=AC. Sced
m ¢, AC=chw. ergo DE eft uv. Q.E.D.

In numeris, fit A,20; & B,/ 209,& C.y/ $0.

P Ergd D, eft 4/4/80000; & B 14/ 12800. Er-
: gé DE =W/ xomoooco_.dg 2000. & DB

¢ - ii4f w02, quare D TLE,




R S T S o SNCS

Libr X. o dn

. SCHOL. -
A8, C, 12, - Inuenive duss mumers pla=
B,4. D,8. s fimiles vel diffimiles.
A%, 25 CD,gs,. . Sume quofcunque quatus

' " or numeros " proportionales,
A6, C,5. A.B:C.D. liquet AB &

4+¢B, 4. " D,8. CD effe fimiles planos. Sin

AB:3. CD.yo, laterziplorum AB, CD non
\ groporuonaha accipias,exun
AB, CD numeri planj diffimiles. .

LEMMA.

[3

Al L1
: FCopo B
- 1. "Duos numeres quadrats { DEQ, & CDq )
invemire, ita we compefiing ¢x ipfis ( CEQ) guse
dratus etiam fit. .
YSume AD, DB numeros gla’nos fimiles(quo-
rum ambo pares fint, vel ambo impares ) nimi-
rum AD, 34, & D38, 6. Horum {umma, (AR)
et 30; differentia (FD )18, . cujus femiffis E
€ CD ) eft 9. 2 Habent verd plani fimiles AD, a 13, 8.
DB unum medium numerum proportianalem,
nempe DE. patet igitur fingulos numeros CE,
CD, DE rationales effe; proinde CEq (*CDq b 47.
-+ DBq ) eft numerus' quadratus requifitus.
Facile jtaque invenientur duo numeri quadra- -
ti, quorum exceffus fit quadratus, vel non qua-
dratus iumerus, nempe ex eadem conftrutione,
¢erit CEq—CDq=DEq. € juox 1,
Qudd i AD, DB fint numeri plani diffimi-
| T les,




22 \ EUCLIDIS Elemestorsm
Yes, non erit media proportionalis ( DB ) nu-
merus rationalis, proinde quadratorum CEgq,
CDq exceflus ( DEq ).non erit aumerus quae

s )

-~y LEMMA. 2.

! 2. Dues uwmeros quadvates B,C imvenive, it

: ot compeficus ex ipfis D, ven fit quadratus. dterms o’
quadratum numerum A dividere in dies sumeros
B, € 201 quadrates. :

A;3. B,9. C,36. D,4f.
.1, Sume numerum quemlibet quadratum B,
sitq; C=4 B; & p=B~C. Dbico fattum,
~ Nam B eft Q. ex confir, item quia B. C::
w348 3 4::Q.Q. *erit Cetiam quadratus. Sed quo-
b_er.348 niam B+C, (D) C:: 5. 4::non QQ.%non
crit D numerus quadratus, Q. E.F.
H .

A,36. B,24. C,12, D,3. E,2, F,1.
3. Sit A numerus quivis quadratus, Accipe
D, E, F nameros planos diffimiles, sirque
Pp=B-+F. fac D.E:: A B, &D.F::A.C
Dico faGum. ' L
Nim quid D.E4F :: AB+C.& D=E~.F,
- a8 derit A=B4C. Jam dic B quadratum effc.
» z1-;“)"-7- bergd A & B; & ¢proinde D & E funt nu~
€36 %  meri plani fimiles, contra Hypoth. idem ab~
- fardum fequetur, G € dicatur quadratus, cr=

g0, &, o T

“a .

Pror.
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Liber X.

13
Pror. XXX
' Isveaire duae rati )
| #ses AB, AF poten- . .

- Lid tantinm commenfura-
bis i; w major AB
_ Mis poffit, quam miner
A B AR, qudioretieline
C..R..D  BF lomirudine fibti com
menfurabilis, _
Etponatur AB, . * Sume CD, CE numeros 4 y_f,4 29,

- quadratos, itd ut CD—~ CE (ED) fitnonQ, ro.

" AF. porrd,, ob ang. Sre@tum AFB, cft ABq g 2.0

_CD. ED. per converfionem rationis erit ABq.1s.1e,

b Fidtque CD. £D :: ABq. AFq. In circulo' 3./m.10,

fuper AB diametrum deferipro © aptetur AF; 1o

ducatirqy BF. Sunt AB, AF,quasperis, . € "4 |
Nam ABq. AFq 4:: CD. ED. ¢ergd ABq 4 confr.

“I3. AFq. veram AB eft /. f ergd AF ci fofed e 6. 10,

quia CDeft Q: at ED non Q: Serit AR} f /eb. 13, 10;

k= AFq -+ BFq; cim igitur ABq. AFq:k 2;3,

BFq::CD.CE::Q:Q/ergd AB T1 EF.Q.E.F.
" n oumeris; fit AB, 6,CD, g; CE, &; quare
ED,s. Facg. §:: 36, (Q: 6) AFq.crit AF
20, proinde AF o/ 30. ergd BFq=36 —120
36. quare BF eft 4.-
' Pror, XXXI. _
. Tnvenive dras ra-
W F tionales AB, AF pe-
\ tentid abt"?t’m' com-
rabiles , iti #t
%AB,plﬁs paffie, e
, B quimminor AF qua-
C v B wa D drato yvecialiner BE .
[ibi longitudine incom- 4
menfuvabilis, . .
. Exponatur AB, 5. 3 accipe numeros CE, ED a 3.1lem. 29,
quadratos, itd ut CD=CE «+ ED fitnon Q.
& in reliquis imirare conlraQioncm yrxclchen-

_‘A

sis, Dico fattum, - Nam, 1[



a4

b 9. 10,

ér 30. 10,

b 13.6. -

€ 12 6,
d conftr. .
e 22 10,
t 7.6,
10, 50,

24. 10,

k 17.6.
1 15. 1o,

. quadrato veiia linea [fbi longitudine. commenfiucas
kil

EVCLIDIS Elementornm:

_ Nam, ut ibi, A8, AF fumﬁT‘g... item ABq.
BFg :: CD. ED. ergd cim CD fit non Q.
rerunt AB,BF'TL. Q.E.F, .

In numcris, it AB, 5. CD, 45. CE = 363
ED=9. Fac 45.9 :725 (AB]). 5 (AFQ).
ergd AF =4/ §. proinde BFq = g5 — 25 =
20. quare BF =4/ 20, -

Pror. XXX

\

-

A — _ Invenire duss medias
g C, D potentii tantiim
D commenfurabiles , que !

) racionale CD  contine-
ant , ita ‘ut mager C plas poffit , quim minor D,

"3 Accipe A, & B j it uty/ Aq-BqTL |
A. *Fiitque A.C:: C.B. <atque A.B:: C,
D. Dico faGum.

Nam quia A, & ¢ Bfunt § T, cerit C (£ !

AB) p. item #ided C TJ- D. bergd D criam
p-porrdquiaA.BenC. 03 & rmuta_tim A.
C =B.D :: C B; &Bqileltfr,erit CD
%k (Bq) pr. Denique quia o/ Aq—BqiTu
A,terity/ Cq— D3 T C. ergo, &c. Sin,/
Aq —Bg ‘13- Aq, &vity Cq - Dq' T C.

In numeris, it A,8; B, 4/ 48 ( : 64— 16)
ergd C=4/ AB=uy/ 3072. & D=y 1738,
quare CD ==vy/ 5308416 =4/ 2304, °

Pror. XXXIII,

- Irvenive duas mediu
D,E porentid folim com-
menfurabiles, que medium
DE continzant, ita ut ma-
jor D plas poffic, quam

B ———

A
D
B ek
C
B

" winor B 5 quadrate velta liiea s bi longitadine come

AR Grabilic.

2Sume



L Liber X. - - 21§

" "Sume A& Cﬁ,‘l}it?x ut 4/ A = Cy . 2 30. 1e.

~ A.bfumectiam B G- A, & C; &facA, D E’o""" i

“D.Bé:: C.E.Erunt D, & E quefice, )5 ¢,

" Namquoniam A, & C* funtp, e & B d 12.6,

- A” & C , £ erit B’f &D (J A‘B) g erig P :.“Zﬁr'

" € Quiz verd A.D;:C. E.etit permutando A, f;, ::‘"’

", C:: D B.ergd am A G- C, berit D G-E; h 1010,

~lergd E eft . pared, 'quia D. B C.Ej 1 & k 24104

. BCch uy, etiam DE i » zquale eft w. deniqy ! 2219

‘ P m 16 6

“ propeer A. C ::D.E. ¢quia ¢/ A — CqT. n 15 o

_ﬂ"’ A, o erit o/ Dq Eq T D, ergd, &c. Sin ¥ )

o Aq qu“Qa A.erity/ D —EQTL Eq. -

¢ _ Innumeris, fic A, 85C,4/43; B, 4/ 28, erit

s Duwy/ 3072 & Buy 588, quare D E it 2.4/ 3.

& DE =4/ 1344.
Propr, XXX1IV,
Irvenive duss ye~. \

-D‘ & Ii_nm_s AF,DBF

! i }atﬁzﬁ mcom?e;g-

wrabiles, qua faci-

G :int campa/;mm qui-

em ex 1pf avum qua-

' c A EB dratis riiamlesq re-

. Erangudum verd fub ipfis cententum, medium., :

b *Reperiantur AB,CD j sitd ury/ ABq, 4, o

: CDqFLAB. bbifeca CD jn G. ©facre@ang. b ro. 1, )

. AED = GCj. Super AB diametrum duc fe. § 28: 6.
micircalum AFB. érige perpendicularem EF. ¢ . ¢ ¢ &
duc AF, BF. Hz funt quz indagandz erant. 15,6,

" Nam AE. B% d :1&BA x AE.-AB x ‘Bli- Sed 27;95.'0
BAx AE¢=AFQ; ¢ & ABx BE = FB3.fergo-p 19: o
AE.ED:: AFq FB3. ergd cam AE 8 hu'l}:l 31 s

. EB, » erit AFq ‘T FBq. Quinetiam ABq.47. 1. .

L3
.|

7
|
¢

¢ ¥ AFq —+ FBq) !eft fr. denique EFql ! emfir = 7

AEB!=CGa. ®crgd EF=CG.egd CDx ' & 0

AjB=2 EFx At. a:qui CDxAB ®eftpr. o 24, 10.

3

ocr30 ABXEF vl AEX FB et ur. Q E.D.p fih. 32,6,

Explicatio




2:6

R 32,10)

b eonfhei ‘

¢ fehel12.10
d fehol,22.6

EVCLIDIS Elemestirnw
Explicatio per mumeres.

. Sit AB,6. CD, 4/ 52, quare CG =4/ 428 =

v 3. Eﬁ,vm?AEzg vl V6. KREB=3

¥/ 6. & unde AFerity/: 18 + 216. Et FB,4/:

18T o/ 216, jem AFq «+ FBg eft 36, &

AF xFB =4/ 108,

Czterim AE invenitur fic.-Quia BA ¢ &)..

AF:: AF. AF; erit 6 AR = AFq = AEQ
- 3 (EFq) ergd 6 AR — ARq = 3. po-
ne 3+ ¢=ABE. ergd18.6c—9.—6¢
o ¢, hoc eft 9.— cc= 3. vel e = 6, quare
c=4 6. proinde AE=3 —+ 4/ 6, )

Pror. XXXV,

,..'{ _E

dae—

" Invenire duasyeftas lintas AE, BB potentia in=
Commen(urabiless quafaciant compofituvs quidem ex
ipfarum quadratis, medium, veSangulium vers [ub
8pfis contentum, rationale,

* Sume AB, & CF u 4., it ut ABx CF
fic ‘pr, atque 4f ABq — CFq ‘T1- AB." & reli-
qua fiant, utin pracedenti, erunt AE, EB quas

petis.

+: Nam, ut ifthic oftenfum eft, AEqQ‘T] EBq:

itm ABq (AEq + EBq) eft pr & de.
nique ABx CFbeft“py, “idcirco & AB x D5,
$hic e, AE x EB, et ‘pr. ergd &c,

-
. -

Pror,
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Proer, XXXVI

Invenive di

T A as relfas lint=
!- y \ ' #s BA, AC
porentid iuci=
G menfurabiles 3
I qua faciant &
. ” compofitum ex
= B D ¢ ipfarum  qua-
dratis medium; & veStangulum (b ipfis compre=
benfim mediem, incommenfurabileqne compafito ex

¥

" dpfarum quadratis.

* Accipe BC& EF 04 itd ut BC x EF fit 2 33. 10,
pve & o/ Beqm BF q 1. BC. & reliqua fiant, "
yt in precedentibus, Erunt BA,"AC exoptata.

Nam, ut prids, BAq T} ACq; item BAq

ACq et yur. & BAx ACefur. Penigue-BC

b ‘1 EF,atque € ided BC “13- EG; éft 33 BC. lc’ i";ﬁ;‘-
EGd::BCq. BCxEG, (BCxAD,velBA G 1.6, "
x AC). *ergd BCq (BAg «+ ACQ) ‘T ¢ 1410,
BA x AC. ergo &e. _ 7 '

Schal

0 'm

——— —

B . b Cc H

Irvenive duas medias longitudine, & potentii in-
commenfuvabiles, '

* Sume BC p. sitque BAXAC w3 &I 2 36. 10,
BCq(BAq «+ AC3). P Fac BA.H :: H. b 3.6,
AC. Sumt IC, & H p'g.NamBC cfty.

3 & BAxAC (< Hg) eft wr.quare H et ctiam . 17. 6.,
\ o

m
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A2 1400wt éItem BAx ACTLBCq; ergd Hq 11
BCq. ergd &c. B b
Principinm [enariorsm per compofitione.
Pror. XXXVII

: " Si dwe " vatio-
A § C nales AB, BC,
potentii tantim

- commenfurabiles componanticy, tota. AC irvationali
“efts vocetur autem ex binis nomsinibus.
a by Nam quia AB 2T BC, berit ACq I
b km.ab.re. ABq.‘S:l/AB_‘ eft . < ergd ACeft §. QED,
© e Pror. XXXVIIL
- ISi due media AB,
‘ e BC. potentid «tantum
A B G commenisabiles compe-
naniuy que vationale contineant, tota AC iiratie-
Uis eft; vocetur autem ex bims mediis prima.
2 by Nam quoniam AB * “T-BC, ® erit ACq'TL
b lem.26.10. AB % BC, fr. sergd ACeft p. QE. D. -

€ 114K 10, .
LEMMA.

wod [uh
.B ) C lim:{mtim{di
AB, & ivratie-
nali BC conti-
. netur vellangue
A . D lum AC, irra-
_ . ~  tionale eft.
2 by Nam i re@tang. AC dicatur §v; quum AB3
b ag.1oe - fie . veritlatitudo BC etiam f. contra Hyp.

ProZ.
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7 Pror. XXXIX,
" Siduamiedie
A B S As, BCpoen-
D H 3id tantiim com-
] menfirabiles co - -
" ponantur , que
medium contine~
ant,tota AC ire
X rationalis erit 3
~ vocelur antemex
G F'bimk mediis fe- .

_-e=aLsr

' ‘ ‘ cunda. :

i Ad expofiam DE, §2fac reQang. DF.= 2 o 15, 6,
ACq;® & DG =, ABq—+ BCq. b 4y1. &

Quon iam” ABq ¢ “EL BCq, 9 erit ABQ L4 :’i;;

" BCq; hoc eft DG 11 ABgs fed ABq “eft ur. g 1¢. 10.

*ergd DG eft ur. verim re@ang. ABC poni- € 24, 10,

tur pr3 tidedque 3 ABC (FHF) eft uyyser-f 4 2.

. g0 EG,& GF fun §. quiaverd DGR T HE; § 33 %

' atque DG. HF ; : ¢ gG. GF lérit EG'TL k 1. s,

GF. ™ergd tota BF eft p, = quare re@ang, DF ! 10. 10.

- eft jp. s ergd 4/ DR, ideft AC,¢eft j. Q E. D, ™ 37:10

n lem.38 10
Pror. XL. © 1idefire.

f' % : " Si dﬁ‘ relim linca
n \ ;2
j
]

‘ taptiim commenfura-
biles componantur, ‘que facians compofitum quider
' ex 3pfarum quadratis rationale, quod autem fub ipffs
' continetur, mediums totaveita linea AC, iirations
 Uis erit : vecetur autem major.
¢ .Nam quia ABq 4 BCq * eft j, &""'I:L'zg}:‘f'u."t
. ABC ¢, & projnde ACq(¢ AB~!.-+ BCq ¢ h”: &'34. )
2 ABC) ¢ ABq -+ BCqjy, f erit AC}. Jo
- ——— 2.
I Q B. Df - [ ?9 10.
, Vaz Prev £ 11.def1o,
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a l"ip. &

feh 1210, d erod A B 4‘1:1. B

b fhora, CBq ¢ (f'r ered 2 AC ] A q. qwe
D Lhre CAB R 7. Q. E. D. -

d 17, 10. .

€ 1Ldefi10.

g lim. 38 10.
B 11,dcf 100

& CF = GHq + HKg. Quoniam GHq
HKq (CF) *eft w5 latitudo CB berit p. Item

E 'U CLIDIS E lementorum

Pror. XL1.
: . Si dueve-
A——F B fZelinee AC,
' c CB  fotents.i

acommenfurabiles componantur; qua faciant compo-
fitum quidem ex ipfacum quadvatis medium, quod |
autem (ub ipfis continetuy, vationale; tota recta lines.
ABiyrationalis evit; vacetur autemationale ac me-
dium potens. o )

-. Nam 3 re&ang. ACB, * /4T ACq +

Prop. XLII
D

-

G d x|, | |

A c

Si dua recte liree GH, HK potemtid incom-

menfurabiles componanisury qus faciant & compofi-

tum ex ipfarim quadvatis medisn <& qwod fub ipfis

‘continctur medium, incommenfuiabiléqs compofito ex
guadyatis ipfarum ; tota yecta linea GK ivvationalis

eiib : wocetur autem bina media poiens. ’

Ad expofitamFB f,fiant reGang. AF = GKg,

quia 3 reftang. GHK (< AD) ?eft s, etiam
AC b erit p. Porrd quia reétang. AD * ‘- CF,
4arque AD. CF: : AC.CB,%erit AC'TI- CB.
£.Quare Alkseft 8f. ergd're@ang, AF, id eft,

- GKqeft pr. hproinde GK eft f.” Q. E. D.

Pror.
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Pror. XLIII.: )

o { .
* AC FEDB ~

Quea cx binis mminibys AB ad wnum duntaxa’
puaitum D dividitur in nomina AD, DB, -

Si fieri poteft, binomium AB alibiin € foce-
tur in alia nomina AE, EB. Liquet AB feciri.
utrobique inzqualiter, quia AD = Dg, &
AB'TLEB. .. .

uonjam rectangala ADB, AEB 2 funt pas 2 37,10

2 & {ingula ADq, DBq, AEq, EBq funtjfa;ba-} 7} 25 o,
dc_'équc ADq+ DBq,°* & AEqQ+ EBqectiam
a,b idcicco ADq —4+' DBy i AEq —+ EBq.
choceft,2s AEB —~2ADBeft iy, derz0 AEB ¢ fib 5. 2.
= ADB ‘py.ergo uv fuperat urper pr.¢ QE.A, d fin 12 16,

€ 37,100

Prop. XL1IV..

- " R D B

Quice cx binis mediis prims A B 44 ¥num dunta-
xat punltein D dividitur in nomina AD, DB,

Puta AB dividi in alia nomina AE, EB. quo
polito, fingula AD3, DBq,EBq,* funt pa; * & 2 34, 10.
reftangula ADB, AEB, corimque dupla, funt ¢ fib 77 0.
“¢a. bergd 2 AEB — 2 ADB,choc eft ADg d fob- 5 2
. Dbg —: AE{—+ EBqeft pr. 4 Q E. A, 9 *7-1¢
. V3. Pror.



€ 23. 70,
d 124. 10,

h 10. 10.
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Pror. XLV.

Dc e ex binis me=
A - L. X : dl%ﬁ[l&)ldd AB,
4 ad wnum duntaxa
puniium- C  divi- |
ditwr in  nomina !
F AW Aga 3‘5- -
: ic alia effe no-
- XH 6 mim AD, DB.!
: Ad expofitam EF 3 facreQang. EG == ABgq. |
& EH =ACq + CBq; item EK = ADq

- E

" —4+Dpg. -

2 39.10. ~  Quoniam ACq, CBq?* funt pa—13.; ® erit
b 16 &24. ACq —+ CBq (EH)ur. ¢ ergo laitndo FH
° eft p. 2 quin & reQang. ACB, 4ideéq;. 2 ACB
e(IG ) eft ur: cergd HG, eft etiam %, Gum
€43 jgitur EHf T IG, Satque EH. 1G:: FH.
£ km:‘-“’- HG;%erunt FH,HG “TL. kergo FG eft bino-
F toso. miums cuius nomina FH, HG, Similiargu-" f

k. 37.10. mento FG eft bin, cujus nomina FK, KG;
contra 43 hujus. - .

Pror. XLVL

Major AB ad uanm dunsaxat punitum D divi-
ditur in nomina AD, DB.

a 49.10,° Concipe alia nominx AE, EB. quo pofitore-

: f‘g'”"“' fangula ADB, AEB? ua; * & tam ADq

d ,;"ls.‘" DB3,quim AEq —+ EBqfunt ‘pa. b ergd ADq

—+ DBqg—: ARq 4++EBq, c hoc eft, 2 ABB

2 ADBeftpr. iQ F. N. Pxor. >




Li“r Xo - ! 22‘3,
Prxor. XLVIL

i : Rationale ac
p T Y e ot medium potens
A F E D Bas, aduun

Runtaxat punttum D dividitur in nomina AD,DB
Dic alia nomina AE, EB.(_‘ ergd mm&AEq a 41. 10,
- ¢+ BBQg; quam ADq - DBy funt e, * & res ‘
&angula (AEB, A.'BB, funl:{'lga. "g;;é 2 AEB b [h.27 10,
— 2 ADB, ¢ hoc eft, ADq+ DBq: —~AEq —+ fi/f'_f e
EBqeltr. QE. A o !
_Pror, XLVIII
Dc Bina “media po-
—_— 0
A L.y B tens AB ad wnum
E f duntaxat piactum
C dividitur in no-
mixa AC, CB.
Vis AB dividiin
Fl— i alia: nomina AD,
' ~KH G DB. Ad expofi--
tam EF °p, fiant reQang. EG= ABq,& EH =
ACq —+ CBg, &EK =ADq - DBq. Quo- -
niam ACq —+ CBq, nempe EH 2 eft uy, » erit a 42. 10,
latitudo FH . Tiem quia 2 ACB, © hoc eft, b 23. 10/
IG, cft* us, b erit HG ctiam ‘p, ErgdcimBH § *%
3. IG, sitque EH.IGY : : FH. HG, ¢erit ¢ 10 0.
FH ‘T HG.fergd EG eft bin, “cujus nomi- f 37. 10
na FH. HG: - Eodem modo ejufdem- nominage-
" yunc EK, KGs;contra 43 hujus. N

EadCAC i P SRS &

xT

e

A 1)

-

Definitiones fecwnde. bt
. X Xpofitd rationali, & quz ex binis no-
minibus$ divia in nomina; cujus majus
nomen plus poffit quim minus, quadrato reétz
linez ﬁgi longitudine commenfurabilis 3
1.” Siquidem majus nomen expofit rationali
- V 4 T come-

-

=
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commenfurabile fit longitudine; vocetur tota ex
binis nominibus prima, =
I11. $i verd minus nomer expofitzrationali
longitudine fic commesafurabile, vocerur ex binis
mominibusfecundai. . . . -
» 111, Quod fi neutrum iplorum nominum £
Yongitudine commen(urabile expofitz rationali,
vocetur ex binis nominibus tectia,
Rutfus, fi majus nomen plus poffit quam
minus, quadrato.re&z linez fibilongi-
tudine incommenfurabilis;. .
IV. Siquidem majus nomen expofitz ratio~
nali commenfurabile fitlongitdine vocetur ex
binis noniinibus quarta.
V. Siverd minus nomen § vocetur quinta.
V 1. Quod fi nentrum iplorum nominum,
vocetur fexta.

Pror. XLIX,

A..aCusB Invenive ex bis
D " wis nominbis pri-

E e G am, E G,
a fb.29.10. . . F i Sume AB,AC
b 2lemao,  Hoemae— numeros . Quadra-
1o. tos,quorum exceffus CB non Q. exponatur D ..

f‘os‘!‘m‘ 19 b accipe quamvis EF T D, “fac ' AB. CB: :
“ ' EFq.FGq.erit EG bin. 1, .

demfr. ~ Nam EF ¢ 0. D, ¢ ergd EF ;.  item

€ S-def.t0. :Eq - FGq. 8 ergd FGeft ctiam 4. item

& fib. 13.10. dqpia EFq. FGq 1: AB. CB :: @, non Q; herit

h's. 10 EE ‘13. FG. demijue quia per converfionem

raftonis ERq. BFq — FGq :: AB. AC :Q.Q-_

-

k .10, g. keritEF T, 4/ EFq—FGq. lergé BG cft -

1 1.defiq
10, bin. 1. Q.E.F. - :

: Explicatio pey numerss.
Sit D, 8. EF, 6, AB¥ 9. CB,. 5. quare cim
s 95




w

i

- He
oon Q. Sit D expofita f. fume FG "I D, Fac Preban: pre-r-

Liher X.- - - 2I§53
9. § :2.36. 20: erit FG; ¢/ 20,proinde EG eft -
6 .+~/ 20, .

_ Prop. L.
" At Cunn §B Lnvenive ex binis nomi- -
112) G nibus fecundani, EG. - -
E. Accipe Al , & AC -
numeros quadratos,quo-

rum exceflus CB fit °

CB. AB :: FG3.EFq. Erit EG quzfitz: cedun.em,
Nam FG13. D, quare FG eft §. item EFy

13- FGq.ergo EF eft etiam p, itemi quia Gy, .

¥Fq::CB. AB::non Q Q. et FG T2 EF. .
denique quia CB. AB :: FG3. EFq, inverséque -
AB. CB: EFq. FGq, eritut in pracedenti,

- 8F . 4/ . EFq —~FGy * ¢ quibus EG eft 2 2 &f 48:"

bin. 2. Q.E.F. Ho.
In nuwmeris, it D, 8. ¥G, 10.AB, 9. CB,s..
erit EF, o/ 180, quare EGeft 10. -4/ 180. .

Prop, LI . )
AwidCiuSB . Lavenire ex biais
G L6 nominib9 tertia, DF,
3 Sume nunieros
) . F a fih.2g.10.
E - AB, AC quad:ztos, ¢
H. —_ quorum exce(ss CB -

non Q. Sitque L numerus non Q, proximé ma- -
- Py Y : - H H N
jor quam C13, nempe unitate, vel binario. it G.© *

“expofita . ® Fac L. AB:: Gq LEq. P& AS. b 3 fem 10i
- Ci:: DEq. EFq. erit DF bin, 3. - 1e.*
Nam quiaDEq ¢ . Gy, 4cft DEj, item “conflr. 6, -

_Gq‘ Diq:: L, AB::non Q(l:e ergd Gy to -

. . . d fib.
DE. izém quia DEq ¢ TL EFq, ¢ etiam EF ¢ .{jio',z e

cft §. quinetiam quia DEq. EFq:: AB. CB :: -
QuoaQ.feft DE " EF.porrd , quiap:i f 5, 10.-
T Vs conflee. T
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226 EUVCLIDIS Elementorsm |
conflr.& ex 2quali Gq.EFq:: L. CB :: .
b, 37, 2q q-EFq:: L.CB:: nonQ.
£ fib.a7. 8, Q. (nams L, & CB non ﬁ?n: imiles plani nm—- !
ke,  meri) Merit G etiam ‘T3 EF. denique wt in
l‘t. 3 def. 4%, praced./ DEq — EFq TL._DE. k ergd DE
* tft bin. 3. Q. E.F.
Inmemeris, it AB, 93 GB, §;L,6.G, & eric |
DE, J 96 &K EF, yf %32 quare DF =4/ 96 _

N T l

“Prep, LI |
A.35C.n 6B " Iyuenireex binis nomini
g——‘— £ bus quartam DE. v
ath.39.10, " g~ *Sume quemyis nume-
H . rum quadratum A B,*quem

, divide in AC, CB non

b2 dem. 10 quadratos.- fit-G expofita 'p: ¥ accipe DE T .
1o, 7% @, <Fac AB,CB :: DEq.. EFq. erit DF bin. 4.

ci3lem. 10,  Nam utin 49. hujus, DF. oftendetur bin,
19, item, quia par confin, . &-converfionem rationis |
DEq. DEq —EFgq :: AB. AC::Q.nonQ. . ’

:f:: i~ derit DB ‘T y DEq— EFq. ¢ergo DF cft -
4§19, bin.4. Q. E. F: . .
1n numeris , Gt G, 8. DE, 6, erit EF 4/ 3¢ .

ergd DF eft 6.4/ 24.. .

Pror., LIIL.
Ap.3Cuun 6B Invenize ex -binis %0+ .
G miinibus quintam, DF.

Accipe quemvis nu-

B g, . merum quadratum £ B;

. cujus fezmenta AC, CB .

£nt.non Q- fit G expolita p. fame EF ‘TG

fac CB-AB :: EFq. DEq. erit DE-bin, §.
! Nam utin §o hujus, erit DF.bin. & quiz -
a2 g.1a., P§t conftr, &.invertendo DEg. EFq :: AB. .
bis.def.  GBy ideSque per converfionem rarionis DEQ. .
“abie,’ DE—EFg = ABAC :: Qonon Q. * it
gkl T ;

Jon e -

. D,y e F
B
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DE ‘T  DEq— EFq. Pergo DF et bin. -
4. QE.F
: In numevis it G, 7. EF, 6.etit DE J 54e
- quareDFCR‘—i-q/H.
Pxor. LIV..
Ve 0 R vees § Conivne 7B Trrvemive ex binis nowi-
T L 9 nibus Jextam. .
g T Accipe AC,. CB pri=

. mos numeros utcunque,hc .

non Q {fume etjiam quem- to.
vis L num. Q. fit Gexpof. %. 2 fidtque L. AB::
Gq. DEg. atquc AB. CB :: DEq. EFq. erit-
DE. bin. 6,
Nam, ut in g1, hujus, DF oftendetur bin. .
jtem quod DE ., & EF "TL G. denique igitur \

quia per conftr. & converfionem rationis DEqib fib. 17.83. -

DEq—EFq:: AB. AC::non Q. Q. (Nam ¢ 9.1o.
AB primus ad AC > P 1de6que ei diffimilis) :861 g’ﬁ
cergd DE ‘11 4/ DEq—EFq.. S ergé DF ¢ .
bin. 6 Q.E. F..

TIn wumeris it G, 6. DE 4/.48. erit EF V 283
quare DF cft o/ 48 —+ #/28...

LEM A

ut'AC 4 CB (AB) fir 2 3. Icm 105,

R et M

A T U P T
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: LEMM A, -

L sit AD rellan- H
Mg 5 cufus latus
A rgjc AC f:wm? inequa-
) ¥ Liter tn B3 bifelTumgs .
fit_fegmentum  minss
l . EC m Ffi; atqge-ad -
14 -1 AE; * fiatvellang.
® HTpK 3 AGE=EFq. pérg; -
b 3t 1. S G’E,F\b m‘”tu'/ ‘d
: i AB parallela GH,
€14, 20 o M P EILEK.c¢ Fiat autems
" quadratuwm LM = .
vectang AH, atgy ad
] OMP produttam fi-
T 0 ¢ @tqiadiatum MN= .
‘ ‘Glyvectaque LOS,
-LQT, MRS ; NPT preducaninr.
Dico1..MS, MT funt.redtanguls. Nam ob .
' ‘quadratorum angulos OMQ, RMR~rettos,
2 Sh TS0 2ot QMR reda linea, b ergp anguli RMO,.
#31 QMP reifunt. quarepgra MS,MT funt se-
. &angula, A :
S 4% 5 z.gHinc patet LS ¢ = LT3 & proinde LN effe
quadratum. ‘ o )
3. ReGtanguls SM, MT, EK, FD equalia -
df’]?-é ~ funt. Nam quia re@tang. AGE 4= EFq ¢ erit
§u7.5  "AB.EF :: EF. GE. fideSque AH. EK :: EK.
g pr;;,..;z" . Glshoc eft pet conftr, LM. EK :: EK. MN. .
A%, 5. pverdtm LM SM:: SM. MN. ergd EK b= |
k361, SMEk=FD!=MT, '
1431, . & Hing LN 2= AD.» \
2. ar e g Ruia EC bifeltaeft in F;» paret EF, FC,. |

_.a 16, 10, |

a3k 6.

ECm

oo,  O6-SiAETLEC; & AE'TLy ABg—.

1610, ECQ,°ecrunt AG, GB, AE .. item, quia .
. G,
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AG .GE :: AH. GI rerunt AH, GI; hoc eft p 10. 10,
LM, MN 1., item iifdem pofitis.

7. OM ‘T3 MP. Nam per Hyp. AE. ‘T0-.
EC,%eago EC ‘"T-GE. 1quarc EF ‘T3 GE, 9 14 1o,
fed EF. GE :: EK. GL *ergd EK ‘T3 GI, * 1o 1
hoc eft SM “TI-MN. atqm SM. MN:OM, .

L. eMp. Tergd OM T MP. ‘
8. Sin ponatur AE Tk o/ AEq—ECq, :
§patet AG, GE, AE eflc "G unde LM '"Th1 19, & 17;
MN. nam AG. GB ' AH..GL:: LMi MN, 1o.

" - Hishene perfpet’tx, faale Jex ﬁqucntts Propofi=-
, tiones expe

;o  Pron LV.
: Si [patinm AD-contincaur [ub rationali AB, .
© & exbini nowiaibus primi AQ, (AE +EC) i

vefialinea O fpatium potens iri mm.du oft, que
exbinis neminibus appellatur.

Suppofitis iis, qu in lemmate proximé pra&- -
cedenti defcripta, & demonfirata funt, liquet re~
&Bam OP pofic fpauum AD. 3item AG, GE, a kyp.¢ lem.
‘AE funt Tl-ergd cum AE bfit'p - AR, 54 '° ‘
'« erunt AG, & GE, p T3--AB.d ergd re@an c ﬁ,, 13100
guhAH ‘Gl hoc eft quadrata LM, MN funt d 20. 10,
v g OM, MP funt ‘< T promde or{ § s sdno
_eftbin, Q. E. D..
In numeris Gt AB, §vAC., 4 4/ 12. quare
re@ang. AD =20+ 4/300= quadr LN er- .
80 QMW !s—r«/»mmrebm—

1

¥
P4

N ‘ T XX ProP,.
‘ .
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Prop. LVI.

" i fpatium AD coptinearus fub rationali AX,
O~ ex binis mominibus fecundi AC ( AE4+EC);
reita limea OP Patium AD potens, irvationalss cft,
. qua ex binis mediis prima appellatur. -
Rurfus adhibito lemmate ad ¢4 hujus, erfe
a byp. & OP=y AD,*irem AR,AG,GE funt I |
lhmb-’s’?-'* ergd quum AE®fit, T} AB,¢erunt AG GE
< fib. 1210 Ctiam § T} AB. ergd reftangula AXL, GI;
13.10.  hoc et OMq. MPq ¢ funt pe. ©quinetiam
¢ lem54 19- OM 13 MP. dénique EF T ECq, & EC
f byp. 13, 10.£ T AB, $quarc EF eft.§ TL AB. 8 ergd
{’3‘;' o EK; hoc clt SM,vel OMP cft iy, ® Prainde
OP eft 2 ygrima.' Q.E.D.
In numeris, fit AB, 5. & AC, 4/ 48 4 6. cr-
® g0 re@ang. AD=4/: 1300 + 30=0OPq.
ergd OP eft v/ 675~y 75; nempe bimed.1.
Vid. schem. $7. :
Pror, LVIL '
A ’ contineatisy [ub rato-
Gl EIF c nali AB, & exbinis
) s nominsbus tertia AC
(AE—EC );recia
 lnea OP. fpati
B o AD pouos, srvatié-
n <N " palisefl,que ex binis
S [ - mediis fecunda. dici-
L <}

P ’”r.
M " Ut prits, OPg=
) AD. item refangu-
X I:)AH,GI, hoc «ft-
o ~ .OMP, MPq fum
alulfyp.&za... L %—14, e *item Eq&vd i
T bi3g A0 ' OMP.cft yy. ba--
: - £9-.O Poelt.bimed. .-
. : Ia.
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Liber X. 239
" In mumeris,Gt AB, 5. AC,y/ 3244/ 34. quate:
AD eft of 800 = 4/ 600 = OPq. proinde OP
eft vy/ 450 —+ v/ 50; hoc oft bimed, 3. '
Pror. LVIIL
Si [faium AD

oA G comtineatur [ub raie-

=T nali AB, & ex binis
GLAE | ®)  nominibus quarta AC;
(.AE 1£C );rg&a
imea OP Patium po

B i - tens 5 srrationalis eft,

H1 oK\ & que vecatur major.
" Nam iterum,
OMgq * "L MPy, aglem.54. 18-
lrlc&arf)tg.. vero Al,
N oc eft OMq—MPq:
. beft oy, ¢ item Eg, g’o."{'."é’

vel OMP eft g,
QT ‘ergd OP(JAD) 12058
- e major. Q, E.Dd 40.10
In wimeris Gt AB,S. & AC,4+y/8. ergd
refang, AD eft 20 - 4/ 200.quare OP eft y/;
3044/ 200¢ -

Fro?; LIX: ~ ‘

S5 [patinm - AD- contineatur fub vationali AB,
& ex binis nominibus quinta AG; vellalines OP -
fpatium AD potens, irvationalis efi; que rationa-
le & medium potens appellatur,

Rurfus OMP ‘T MPq. re@tang. verd Al,
vel OMg-+-MDq eft -ur. *item reQang. ER, & 1 in jrag.
vel OMP cft fy. bergd OF (4/ AD )eft po- b 41,10, .
tens v, & ur. Q. E.D. :

In mumeris, Gt ABy §.& AC, 344/ 8. ergd
re&ang. AD=to 44/ 200=OPy. quare OR -
eltojropy/ 200 . .
B ’ : Xz Prozeo.

iy




22 EUCLIDIS Elemeirss |
B " Prop. 'LX. N
" SiPatium AD costineatnr fib rationali ABy-
& ex bink nominibus fexta AC ( AE+EC )3
velta linca OP $patium AD potens, irrasionalis
eft, que bina media potens appellatur.
Ut fzpe privs, OMq'T.MPq. & OMg.
MPq eft ur. & reftang, (BK) OMP etiamn
a 43,10, pur.3ergd OP=y/ AD cft potens 2 pa. QE.D.
In numeris, it AB,.5. AC; /12 4-4/8; cr-
g0 reGang !AD,vel OPqeft 4/ 300+ 4/ 200.
proinde OP eft o/14/ 300 o/ 200,

LEMMA,

. : Sit vefta AB
B [ 1 inaqualiter  feii1
DIt in C, sitque AC
B S mzzju; Jegmen wn;
c 'RE & cuivis DE ap-
) plicentuy yeltangu=

i,E ; _ l1, DF=ABq, &
A 3 F DH=ACq, &
. . h KN IK= Cuq.’ site
gteFLG bifeits inM y ducativque MN. parall.

. Dicor. Reftang. ACB.= LN, vel MF:
a42&3 "Nam2ACB=LF,
az. 1, 2. DL =~ LG. nam DK (ACy -+ CBq)
b2 b= LF (2 ACB) ergé cum DK, LF fint -
c 1.6 qué alta, ¢ erit DL — L G.
d16.1e. - 3-°S1 ACTCB, 4 erit re@ang. DK .
ACq, &CBg. .

4. Itemr, DL ‘T LG, nam ACq + CBj3
e #m. 2610, ¢ TL2 ACB : hoceft DK LF. fed DKL
fio.te.. LE¢:: DL.LG. fergo DL LG.

s. Adbec DL T34/ DLy~ LG3. Nam "
g1 65 ACq ACB#:: ACB CBq. hec eft DH

LI B




¥

L d

Lsber - X. - 233,
ILN:LN. 1K.¢quare DI, LM :: LM. IL.

. Wergd DIk IL = LMg. ergd cim ACqk-m- b 17.6,

byp.

“ CBq. hoceft DH T IK, &!proinde DI QL | 10, 10,

’

-
g
*

-

SRS s

© IL,werit DL ¢ DL)—=LGq. Q.E.D, m 18. 101

6. Siz poratwr ACq Th- CBg,» it DL 0 19- 10
¥ DLg—LGa. .-

2+ e. Hoclemma praparationis vicem [ubeat pio6 fc-

queinlibus propofisionibies.
Paor». LXT. - :

Qusdratum ejus que ex binis maminibus ( AC
— CB) ad vationadlens DE applicatum , facit la-
ti:udinem DG ex binis nominibus priham.

Suppofitis iis, quz in lemmate proximé ante-
cedenti defcripra & demontftrata funt, Quoni- ¢
am AC, CB.? funt §“T}., beritre@tang, DK b /e 60104
T3 ACq; cergd DK eft jr. dergd DL T ¢ fob. 13.10,
DE §. retang. verd ACB, ideéjue 2 ACB ¢ 35 a0
(LE) ¢ eft pr. € ergd latitudo LGeflt j "L 24. 50.
DE. s ergd atiain DL 3. LG. *item DL o £ 23. 10.

W/ 'DLq — LGq. ex quibus, ¥ fequitut DG E ';egy;.;::u.'
eflebin. 1. Q_E. D, , lzzx.‘ieﬁ

Fror. LXIIL -

Ruadratum ejus , que ex binis mediis prima:
(AC ~+CB) «d rationalem DE applicatum fa-
Elit lasitudinems DG ex binis nominibus [fecun

Jam.

Rurfus adhibito lemmate proximé prace- 4 44 1o
denti; Re&ang, DK .ACq. *ergd DKeft b 23, 10.
. bergd latitudo DK eft  “Ti. DE. Quia ve- ;;bb?z f’;.
ré re@tang. ACB, idedque LF (2 ACB) ¢ 21 10,
ceft pr, derit LG5 T DE. c.ergd DL, ¢ 13. 10.
LG funt ‘1. f jtem DL T 4 DLg .'..“;":;';”"
LGg. & ex quibus patet lx)G elle bin. 1. Qfs. 10,

3 Prop,
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ProbP, LXVIL -

A, é 3 Ei, que ex
D— 0 g Dink nominibus
| F ( AC — CB ))

‘ lomgétudine com—-
menfurabilis DB , & ipfa ex binis nominibies €/7y
arque ovdine eadem. - ° - :

Fac AB. DE :: AC.DF, 2 {umt AC, DT

2 lem.é6.10, T3 * & CB, FE "T}: quarecum AC, & CB
b by ® fint o1}, < érunt DF, FE pT}.. ergé DE
S5 o ainm i, Quia ved AC. B+ 3 DE,
FE.  Si ACTL, vl ‘. 4 ACg — BCq.

é 15. 10. detiam fimiliter DF 13-, v:l(“n_\/ DFq —~
:4' bre & FEq. item i AC T3, vel ‘T p cxpof. ¢ erit fi-
B milicer DF EL, vel “To. pexpofl at i C3 1.

_ vel “T3. p ¢ exit pariter FE T vel “0."e. Sin
f 14.10.  verd utraque AC, CB T3 p, ferit utrag; etiam
g Perdef.  DE, FE “Td."p. ¢ Hoc eft quodeunque binc-
4. 1a mium. fyerit AB4 erit DE ejuldem ordinis.

Q_E. D, o
Pror, LXVIIL,

-" Ei, qua ex binis mediis (AC —+ CB), lergi=-

tudine commenfurabilis DE, & ipfaex binis meduis

i eft, atqs evdine eadem.
& 12,6, ~*Fiat AB.DE :: AC. DF, jpergd AC 13-
b lem. 66.1%. DF, & CB “IL FE. ergd cim AC & CB
< I;n-m ¢fint . detiam DF , & FE erunt w. & cim
e 1010, AC¢T-CB, cerit FD T FE. fergd DB
f38.10. el 2, Siigiter re@ang, ACB fit“pr, quia
Ef;‘z ::"" DER *-11. ACB, sctiam DFE eft p; et
k 38, vel illud ur,® hoc etiam erit wy. % 1d eft, five AB
. e fit bimed. 1. five bimed. 2, erit DF ¢jufdem or-
' _ dinis. Q. E. D.

Prop.
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Liber X. 237
Pror. LXIX

A l—5 ajori ( AC
» ¢ j— g =+CB) commen- .-
°F furabilis DE 5 &

fa Major e,
Fac AB. DE :: AC. DE, Quoniam AC
3'g. C8,%erk DF ‘- FE.item ACq+ 2 b1
CBq?2 eft "gr; proinde chim DFq —+ FEq® Tl b lem. 65.10,
ACq—+CBg, cetiam DFq—+ FEqeft ‘¢r. de- ¢ feb. 12.70,
nique re®tang, ACB 2 cft yv. 4 ergd reQang. d 24. 10,
DPFE eft yy. %quia DFR ' Q- ACB) ¢ Quare ¢ 40. to,

DE eft major Q L. D, .

. Pror.' LXX.
Rationale ac medivm potemi (AC —+ €B)

~

' eommenfurabilis DE. & ipfarationale ac medium
. poteus eft. :

Itcrum fac AB. DE:: AC. DF, Quia AC .
"‘I} CB; b etiam OF Fi. item quia 2 by .
Al ' i b Yem.€6.104
ACq-+ CBq *eft py, © erit DFq —+ FEq pr. ¢ J:: ,5,“
denique quia reGtang. ACB * cft ‘. fetiam d sib. 12.10.
DFE cft ‘gr. tergd DE cft potens pr , 3¢ upw € 4L10s,
Q.E. D .

Propr. LXXI
K Bina media_potents

%  (AC~+CB) com-

g menfuiabilss D&, o
E i)a bina media potens

A
b >

- eft. :

Divide DE, ut in praeccd, Quia ACQ* T a by,
CBj , berit DFq' T FEq. item quia ACq b lm.sé.10.
—+ CBq *eft up; *erit DFq —+ F.E.q etiam pv. ¢ 24.10,
pari:érque quia ACB: cft wr, decriam DFE\eﬁ d 24.100
@y. denique quia ACq CB3 M- ACB, ’
’ ’ . e crit
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; 14 10.' ¢ erit DFq+FEqQ “T1. DFE.f ¢ quibus fequitur
43. 10, DE ef% potentem 2 . Q B. D. '

Pror. LXXIL

T C s K Siraionale
A, O medisrs
: \ - B compornarn—~
v ' tur , qUALUOYr o
; i A iB ' \ intiondles i
‘ suyvel ea que
K , ) ex binis momi-
’ "E X nibusy vel que
o ex binis mediis
prima, vel major, vel vationale ac medism pesens.
Nimirum i Hg= A -+ B, erit H una 4 line-
arum, quas theorema defignat,. Nam ad CD
a cr’16. €. expofiam p , * fist re@ang. CE — A; item FI
& 2.6 1. =B; bidebque CI = Hq. Quoniam igitur A
€ 3r0 cft'py, ‘etiam CE eft "¢y, ¢ergd latitndo CF
et . CD. & quia B eft uy, erit FI ur
: :i 1o SeagdFK eft s 'TL CD. ¢ergd CF, EK fune
£ 37.10, P T Totaigicur CKF eft bin. Si igitur A
o ‘:~ = B, hoceft CE —FI, 8 erit CF —}FK. er-
4,.';00.4" gd i CF ./ CFq— FKq, » erit CK bin,
k s5s.10. 1. &proinde H=¢f CIkeft bin. Si ponatar
1'4-::!'- CF'L, ¢ CFq — FKq, teritCK bin. 4.
:,'53.',.,. quare H (4/ CI) ™ eft major. Sin A—B;
serit CF =1 FK; proinde fi FK'. ¢/ FKq —
. 83 df.  CFq; #erit CK bin, 2. ¢ quare H eft 2 wpri-
z",;.';m ma. denique i FK ‘T1.4/ FKq— CFq, Perit
p 5. &f. CK bin. 5, 1unde H erit potens ‘pr , ac wre
. 48, 10, Q.E. D, -

q §9.k0

Paer,
H
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" Liber X U 239 |
-Pror. LXXIIL

Si duo me-
C F X dia A, Binter
) [¢ incommenfis-
vabilia compo--
4 A mantur, duere- .
AR lique ivratiena- .
\ i les fiunty vel ex i
) binis mediis [e-
b E T cusdayvel bing
: . media potens.
Nempe H potens Ay Beft una diGarum
jrrationalium. Nam ad CD expof. 5, fac re=
Stang. CE=A, & FI1== B. unde Hq=CI.
Quonjam igitur CE , & FI 2 funt ya, berunt 3 by
latikudines CF, FK %71 CD. item quia CE 523 1%
a‘ry FI; éftque CE. FI<:: CF. FK, derit d 1o, ro.
CF “TLFK. ¢ ergd CK cf bin 3. nempe , § ¢ 34/ 4%
CF ‘1L ¢ CFq—FKq unde H = / CI fs7.10; -
Eerit 2 42 2%, Sinverd CF ‘T1. o/ €Fq FKq, igﬂ.xa:ﬁ -
€ eric CK bin.6, & b proinde H eft potens 2 ug b 6o, x0

Q. E. D.
Principinm Senariorsm per
detrattionem.
Pror. LXXIV. .
Si & vationali DF rationa=

D - . B F LDE aferatur potentid tan- _
tim commenfirabilis exifters tati DF ¢ religua BE ;lim.z‘.u.
irrationalis eft; vocetur autewn apotome. l.:}.-& w

Nam EFq* ‘T3 DEq3 fcd DEQ ® ¢t b0, defs ror
cergd EF. efty. Q_E. D o
Igm”, ﬁtDF, ’- DE,V 3- BF eIt 2 e
V3 :

Pror.
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Prop, LXXV.
D B F  5iimediaDF mdia DE
. ST duferatur , potentid tamtuw
commenfierabilis exifiens toti DF , que cam tota
DF ratignale contineat; veliqua EF irvationdis eft;
vo.etur autem medie apotome prima.
3 fib.26.30.  Nam EFq * ‘T reftang. FDE. ergd clirn,
€ z':f.'& 11} FDE P fit‘ep, cerit EF'p. Q. B. D.
def. 10, Int numericy fit DF vy/ $4. & DE vof 24 ergd
BEcltiy/ 54 =14/ 34
Pro?, LXX VI
D 2 F  SiumediaDF mediaDE
== auferatuy 5 potemtid tamtam |
. commenfkrabilis exiftens toti DFE , qae camtota
DF medium continear, reliqua EF irvationalis eft:
- Socelur autem medim apotome f(ecunda.
: ':,LP- Quia DFq, & DEq * funt ua "f.,
¢ 2410, P ait DFq -+ DEq . DEq. ¢ quare DFq
< DEqeft wy, item re®ang. FDE, © idedque
demry.3. 2 FDE* eft ur, ergd EFq (¢DFq—+ DEq
€ 37.10, 3 FDE)¢elt 'pr.quarc EF eft ’p. Q_E. D.
In numeris, Gt DE, vy/ 18 3 & DE, v/ 8, trit
EFu/ 18 —uy/8. - - -

Tror, LXXVIL
——  8i nredtalima AC refia
A \B C uferatur AB potentid incom-
. menfurabilss exiftens 1018 BC , qwe cumtota AC
! faciat compofitum quidem ex ipfatum quadvatis i+
* tiomale, quod autem fub ipfis contineint medium, re-

ligna BC irrationslis eft;, vocetsr autem minot.

. “Nam'Acq + ABq*eft py. at reftang. ACB
e 12,10, 2 eﬁ #y. b Cl'gé 2 CAB l-n. Acq - ABq
o, (3¢ CAB 4 ECq; dergd ACq —+ ABq ‘T

Z.';C}:lou BCq.cergo Cllp Q. E.D. -
. .

a b
b fob
c7
d
€1




v .

Liber X. ot
Inwimeris, fit AC, 4/:18. 4/ 508, AB4/:
38 4/ 108. ergd BCefty/: 18 44/ : 108,
g 138 g/ 108, - : .

Pror. LXXVIIL

BB _ Si & reclalinea DFye. . e
‘ Gia auferatuy DR potentid
" %ncommenfurabilis exiftens tots DF , qua cxm tora
. DF facéat compe’tum quidems ex ipfarum quadratis
' msedinm, quod autem fub ipfs continetur, vationales

veliqua B Y irvationalis eff: vocetur autems cuns rati=

omals medium 1otum efficiens. "

_ Nam /2 FDE*eft *py. b & DFq - DEq cft 2bop. &/2hs
* wr.©ergd 2 EDE'TI- DFq — DEq ¢ (2 FDE }*)*
" 4 EFq) cergo EF eft’p. Q_E. D. . € ;{[.u.xo..
Innumers tDE, of:4/ 316 e o/ 73. DE, 4 7:2. -4
C ot 4216y 72.ergd BF eft /1 4/ 216 4 & f"’-“‘:"l:
S o Thamof 2 i 216 g/ 724 . T &

PRDPQ L xx I XO
" 8i a vecta DF velta au~
w feratur DB, potentid incorn—
menfuvabilis exiftens toti D,
> que cumiota faciat & campofitam ex ipfavtim quae
© dyats, mediums & quad [ubipfis continecur 5 me-
dism , incommenfisrabileq: compofito ex quadratis
Wfaram, reliqua srvationalis eft : vocetir autem cwm
. wedio mediam totum efficiem.
' Nam 2 ¥D%, & DFq «+ DEq® funt ua; 2 bp. &34
. bergd BFq (¢ DFq —+ DEq—— s FDE) eft 'pr.
¢proinde EF eft 7, QE,D. . .. XX
Exempl. gr. fit DF, of: of 180. 4/ 60. DB, d 11, defire
' W1y 180—y/ 60.EFgrit /i 4 180, o/ 60
| =y 180 =4/ 60, , R :

D

£, -
i

'

10,
b 27. 10,

Y LE 3
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LEMMA.
M G A ApE——
B [— 7 D . a‘_;
e <
LA Siidem fit excelfusinter primam mogwicudiness
7~ BG, & fecundam C (MG) qui inter tertiam ma—
" gmtuding DE & quartan H(BF )30t & vicifims
& adem exceffus inter primem magnitudimm BG , &
- rertiam DF 5 qui inter [ucundiam C , & quer-
'”NK' alibus BM, DE adje@ 2 f;
\ am quia * zqualibus adjeltz funt
A b MG, EF, hocelt C,H; erit’cxceﬂiu totorum
b 15. ,,,:,,(Bf,l) F, ® zqualis exceflui adje@orum C, H.

H e

Corell, .
Hinc , quatuor maguirudines Arithmeticd
‘ -yropottionl?::, viciffim erunt Arithmeticé pro=
Portionales,
Pror. LXXX.
‘ B 1D C  Apiteme AB unatan-
A w1 13m Congyuis redda lived
vationalis BE potentii tamnms commenfivabilis ex-
ifhﬂf toti AB, . ' N
& 23. 10, 8i fieri poteft, alia BD congruat,  ergd re-
b 2410, &angula ACB, ADBs" idedq; corum dupla funt
c .. 2, pacimigitur ACq+BCq—3ACB<=ABg;
€2 ADq -~ DBq o 2 ADB, ergé viciflim ACq

 d tem79.10.  BCQ =t ADq4BDq 4= 2 ACB. —3

ehyp. & ADB. 5e¢d ACq o BCq — : ADg—+B1q -!dE
27. 10, or.. £ ergd 2. ACB = : 2 ADB & pn.

. £ fech.12. 10, Q.'B.A.

g 37.10.
ProPr,
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Pror. LXXXI.

e W Media Apotome

A 3 R c prima AB sna tan-

tim congruitrelia linea media BC , potentid fo-

lim commenfinabilis exifiens toti , & cum tota
yationale continens. .

Dic etiam BD congruere, igitur quoniam a 3y,

"tam AGq, & BCq; qudm ADq,*& BDq *funt b 16 & 24,

p T ¥ ctism ACq ~ BCq, & ADq—+BDg o, -
erunt ua. $ed reRangula ACB, ADB; ¢adedqs d fah, 12.70,
2ACB, & 2 ADBfunt ‘pa. tergd 2 ACB € fib37.10,
w12 ADB; fhoc et ACq—+ BCq—: ADq fg" > &
:ﬁBDg et ‘pr.s Q.E. A. i ' g z';.%o °
- Pro?. LXXXII - .
AR CR  sedieps
K iy B Muejunda A3
. o o fwma tmt?tm con-
it relta linea
edia BC,
tentid folimeom-
menfurabilis exi-
‘ fiens toti, & cum
E i i 1L tosa msedinm cone
S ' tinens,
Si fieri poteft, cangruataliaBD. AJEF §

* fiant re@ang. EG = ACq - BCq; item re-

&ang. ELt = ADq -+ BDq. Item EI =

ABq. Jam2 ACB+ ABq=ACq+BCq= .

EG, ergd cm EI = ABqj; 3 erit KG = 24 4.3, &2

ACB, porré ACq, & BCq *funt me L1, g-u-

¢ Bigd EG ( ACq—+ BCq ) efur, 4 ergd 1o B 11

tiudo EH § ‘T3 ‘EF. ;* Quinetiam roflang. g a3, 5o,

ACB;fidedque 2 ACB (KQ) eft pr. dergd e by

KH eft etiam 3 2. EF. denique quia ACq + £ a4. 1.

BCq,id e, EG s, Tl 2 ACB (KG) éftlque  Lm.26.10
7T X EG.
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b6 EG. KG::% EH, KH % arEH TL KH.
e lergo EK eft aptome, cujus congruens KH. G-
12410 nu'f -argumcntopcrit Iém;ufm EX congru-
<ns 5 contra 8o hujus, - ] .

Pror. LXXXIIL
— e - Minori AB,una tantisnz
- A B D C  mpitvtialina (BC Y
Dotentiii incommenfurabilisexifiens:toti, & cwm:toss
Jaciens compofitum quidems ex ipfarum quadyatis yo-
tionale ; quud autem fub ipfis costinesur medium.
b, | Puta 3ium BD congruere.. Clim igirur ACq
b lep 9.1, + BCY, & ADq .+ BDq?fint ‘pz, eorum ex-
< feh.27.;10. ceflus (37 ACB —t 2 ADB) ceit 'or, 4 Q.B.A;
d 37.10.  quia ACB, & APB fimt ua per hypoth,

" Prer. LXXXIV.

v—— —— _Ei(AB), que am
A 3 DC ratim(li mzdium tatum
facit, una tantiim congyuit reéta linea BC, potentid
incommenfurabilis exillens totiy € cum 1ota fatiess
compofitum quidem ex spfarwm quadratis medivm;

. qued autem [ub ipfis continetur, rationale.

o bype Dic aliam BD etiam congruere, 3 ergd re-

b [ch.s2.10, Gangula ACB, ADB. b idebque s ACB, &1

'CE len.g9.10. ADB ﬁlﬂt ﬁz. Cfg(‘) 2 ACB —:2 ADBi € b?C

A fihe.27.10 eft, ACq «+ BCq — v ADq .+ BDq d¢k jy,
Q,E. A: quum ACq '+ BCq, & ADq
BDq fint ua per hypoth, CE

Prar;




AT W T e

e T

e WS AT

. .Libff X

Pror. LXXXV.
A __B_ €D

e A

dpfarim quadsatis.

. 245

& (AB),que

cum medio medi-
um totum facit
una tantim con-
Qruit vecta linea
BC potentid in-
commenfurablis

exiftens toti, ¢
: L tum tota. facrens
. T .. G Lo compofitumex
3pfarun quadratis medinm, & quod fub ipfis conti-
netur, medinm, incommenfurabiléque compofito. cx

" Suppofitis iis que fadg & oftenfa funtin 8
hujus; h:que't EH,& K : e T EF. Potrd
jgitur quia ACq —+ CBq, hocefts reQang, EG
#1. ACB, b ide6que EGq. 2 ACB (KG) a by
éftque EG. KG:: <EH. KH;erit EH "o b 14 1o/

KH, orgd EK eft 'a‘p'ozome » Cujus congruens

¢ 1,6,

KH. Haud aliter’ KM eidem apotomz' EXK:
congruere oftendetur; contra 80 hujus:

Definitiones tertie,

Y Xpofird rationali, & aporomd, fi tota plus-
vofiit quim congruens quadrato re@tali-

nez fibi lonzituding cammenfurabilis 3 -
1. Siquidem tota expofitz ratiunali longitu-
dine fit commenfurabilis, vocetur apotome pri-

ma,

cunda.

11. Siverd congruens expofitz rationali lon-
%nudine Gt commenfurabilis, vocetur apotome
e - .

- 111, Quod fi neque tb_ta, neque congruens:
" expofice tationali fit longitudine commenfurae

. bilss, vocktur apotome tertia,

Y3

Rur--
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Rarfus fi tota plus poffit quim congruens
quadratqreta fibi longitudine incom-
- menfurabilis ;

IV. Si quidem tora expofitz rarionali fie
longitudine commenfurabilis, vocerar apotome
quartas | :

- V. Siverd congruens expofice rationali i
longitudine cemmenfurabilis, vocetur apotome.
wuinta, :

V 1. Qudd fi neque rota neque congruens €x-

ofit rationali fit longitudine commenfurabi-
Es, vacetur apotome fexta,

Pror. LXXXVI, 87,88,89,90,91, _
A..g C...gB  Invemre apotomen pri~

.D —— , fecundam , tertiom,
B F quinsam, ¢xtam.
n- : Apotom2 inveniuntur,

fubdu&is minoribus bi-

nomiorum nominibus ¢x majoribus. Exemp.

gr. Sit 6 . ¢/ 20, bin. 1. crit6 4/ 20, a-

pot. 1. &c, Quare de carum inventione plura

repetere-nihil eft neceffe. o

LEn M reflangulum AC

A '? $oF fub rettis AB,AD. pro-
ducatur AD ad B, &

bifecerurDE in F.sitqs

- redtung. AGE = FEq

Ll s e
3> ]

By ¢ pKHI Fiant vers quadratim
' @) ' zm: fi}cl)’ s I
. s = GI,

T v/ e goggi_cmérqu NSR,

Dico primd re@an-
gul. AI =LM..NO
RM =TOq4 SOq. u

pasctexconflr, Secuns

A
e
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Secundo, Ref¥ee. DK = LO. Nam quia

re&ang. AGE "—FEq,"funt AG, FE, GE a conftr.

._,cadeéque AH,FI,GI = ‘hoccﬁ LM, b A 6.

FI,NO .3 ; arqui LM LO 'NO4 fum——, d fb a2 &

ergd FI=¢LO f=DK = ¢NM.
Tcmo, Hing,AC = Al —DK — F1 = f 36.1.

‘LM -+ NO_LO _NM=TR. g 431

%arté bLiguet DF,FE, DEc¢fle'T1.:  h 16.10.

Quintd, $i AR 3. DE, & AE T
AEq—DEq, kerunt AG, GE,AE T, " ‘3 1o

Sextd, Item, quia AE ! T3 DE, = eyunt AE lbyp "
_FE *1. ®idesque AT, FI;boc eﬂ,LM... NO m 13. to;

& LO furt ‘1.,
Septimo. Item quia AG *T1. GE * evunt AH n1.68&
Gl bwcefl, LM,NO - , ,',°m’lzs"

ORavd, Sed quia AE'"TLDE, * cvunt FE, o I 10,
GE ‘1L, ®idedque veffang. ¥1 0. G, hoc eft
LO “mNO. quare cum LO-NO P:: TS, p 2.6,
SO. 1 erunt TS, SO'TL- - qe.de.
Non, Sin pamaiar AE ‘TL VAEq— DEq, '

'mmtAG GEB,AE'n}-, ;l:;rlg

Decimo, £ Quare reitang. AH, GI, boc eff £ 1.6, & 104

"TOq,50qersm ., 1o,

Y 4 ° Pror;
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Pror. XCIIL =
D FG E  Si fpatium AC comtf—~

neatuy fub rationali AB
& Apotoma prima AD
| (AE —DE ); refali—
’ na'TS fpatmm AC po—

’ " tens,apotame cff.
)2 L C- KHX Adhibe lemma pro-
P ximé antecedens pro
T 6 przparatxonﬁaddemon.
i ® ftrationem bujus. Jgj-
T 4% tur TS = 4/ AC. ltgﬂ‘l
AG,GE, AR funt
.. - . k ergo cum AETL*ABf3
b e, R berunt AG, & GE "TL.
c 20730 AB.<ergd reQangula AH & GI, hoc et TOq
d kem. 91,10 & SOq funt ja. 4 jtem TO, SO funt -B.,

¢ 74. 1o, promde TS eft aporome. Q. E. D.

Pror. XCIIL

Vide Schem. praced.

Si foatium AC contineatur fub vatiomali AB, &~

apotoma fecunda AD ( AR —DE ) ; recla linea

. TS fpatium AC potens; medie ofp apmome prims.

, Rurfus juxta lemma antecedens, AG, GE,

: . AE fuot .. cim :gxtur AE fit ‘1:1. AB
o 2 '“',;" berunt AE, GE etiam § ‘T3 AB. © ergd re@-
angula AH, GI, hoc eft TOq, SOq, funt pa;

d lm.74.10 d jtem TO 13_ 50. Denique ’quxa DE L

s AB j. ferit re@ang, DI, ejisque femiffis DK,

f 20. 10,

g 75-10, vel LO, hoc cft TOS fv & ¢ quibus fcqﬁmxt
TS (4 AC) cffe medizapot, 1. Q.E.

[]

- ‘ Propr,




~Libr X Ay
_ Proe. XCIV,
¥ide idem.
Si fpatium AC contineatur fub vationdli AB, &
avotoma tertia AD ( AR — DE); redta linea
TS fpasium AC potens, medie eft apotome [c-
cunda.. - . _ ‘
. Uringraecedenti TO, & SO funt p.-Quo--

* niamigitur DE *eft j-g_ AB; berit “&‘“g"a‘b”. '
- DT, cidebque DK; vel TOS uv. dergd TSH 22100

=yAC mediz apot. 3 QE.D. = S ;:.' to.
"Pror. XCV.
the idemi

- 8i fpatium AC contineasur [Wp vationali AB,.
@ apotoma quasta- AD- (AE . DE.) veta -

. Lwea, TS foatium AC potens, minor efte -

Purfus TO * “0J- SO. Quoniam igits: AE 4 tem, 91.1e.
befti T AB, cerit Al ( TOg 4 SOy)ieed b

€ 20.10.

atqui ut pridasre&ang. TOS eft wy. dergd T3 g 45, 5o,

=y AC ¢ft minor. Q E. D..

. Pror. XCVL.

T L Videidem.

"8k fpatiun  AC contineatur fib rationa’i AR,
. & apotoma quinta AD (AE—DE) ; recta:
. linea TS [pativm AC potens, eft qua cum ratio--

nali mediums-totum efficit. _ ' —
- Raarlis enim '1'0-‘1} SO, itaque cm A&

Cdfiep T3 AB,Serit AT hoceft TOq—+SOq a byp.™
v, Sed prout in g3 vé&ang, TOS eft . < pro-

' 23, I
¢ 78. 10.

inde TS =4/ AC eft qua-cum jy facit totam-

'Y‘Ah Q‘B- D.. K ;; . ’ A_

Y. 5. Prowm.



280 EUCLID1S Elmentorvms

Prop. XCVIIL

Si fpatium AC cons
£ Etintmj?d}hb ratienals
AB; & apetoma fexta
AD.(AE — DE J;

yvetta linea TS
AC: potens 5 eg' que !

BL_C NKH! G

_ Tridem, ut f22pe pri-
el @XL . 3, T0%. SO it
- YA/ win 96, TOq 4.50q
4 et ur, reQang. verd.
. ST | TOS ¢t jr, ‘ut in 94.
2 lemst.to, ; 3 deniq; TOq + SOq
.7, 104 . M 4O TOS *ergo TS
=  AC ot quz: cum. uy. facit totum g,
Q & D,. B
) LENMMA: .
3 - B ' Ad ve33 quame
A : 1C, is DE *gpplicen-
r- ~ L1 Yuer veflang. DF =
; : : ABgs.¢» DH =
i , ACq, ¢ IK =
3 . BCq, ¢ fit GL.
! A bi]:eﬂ.l in‘M-, -
By AN

 Brit primd,Reffang, DK = ACq + BCqt-
. oom indicat. . .o :
~ Sgeundd, Redtomy. ACB =GN, v/ MK..

i" T mDK 3 =ACq 4.BCq b= 2ACB .
o e 1 AlBq. 2t ABq == DF. érgd GK <=.2ACB..
d:7 ax. 1. K8 proinde GN, yel MK = ACB..

€165 Tertid; Rectamg. DIL == MLq.. Nam-quia:

AGYy ACB.¢:: ACBi BCg; boc. eft &;2 !
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- MK :: MK. 1K, * @it DL. ML :x ML.IL:-

fergd DIL =MLq. . f
Quartd Si pomatwr AC - BC.#ri¢ DK T
ACq Nam ACq —+ BCq (DK) s g 1670, -
ACq. . .
(%igté;.ltem, DL o 4/ DLq-GLq..
Nam quia DH' (ACq) “T- 1K (BCq) berit h 1070
DI IL.%ergd4/ DLq—GLq@.DL. k 1. 1a.
Sextd, Ites DL *11. .GL. Nam ACq
BCq‘T-!2 ACBshoceft DK “T3. GK. mer- 1 lem. 26.50u
gé DL . GL. T Loomeree
Scptimé, SjnpanW.AC "g.BC,'crit DL n 15.10..
*O.4/ DLq—GLg. .

Pror, XCVIIL

17. 6.

Buzdratii apo--
A—‘——B-l-—— G tome AB (AC_—.
D S - Y_1\4BC) ad rations--

lem DE applica-
tum , facit latiti-
dinem DG apozo-
men primam.
: : ] 1Y Fac. ut' in.
E F N H K lémmateproxime
pracedenti : - :
Quoniam igitur AC;. BC * fune § 3. |, 70
verit DK (ACq —+ BC3). TL ACq; ceigo ¢ /1210,
DK cft fr. dquare DL eft § 0. DE. ejrem & 2" 1o~

) &
re&ang. GK (2 ACB) eft uy. fergd GL eft 5 :;110. _
“Ii DB. tproinde DL 0. GL 5 *fed DLq £ 23. 70 <
“11 GLq. *ergd DG eft apotome, & ! quidem 5 }:;, ‘e,
prima (quia®AC . BC, & propterea DL {i 74:10.

:'E.JDLq_.GLq)Q E.D.. i. def $5.

o
m-lem.g7:100.

Provp..
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Pror. X CIiX.
Vide Schema [ubfequens.

Ruadratum media apotome primes AB (AC—
"BC) ad rationalem DE applicatum , facit latitu=

dinem DG apatomen. fecupdam.
:'f,':,' sy10, Rutfus (fu ?poﬁto lemmate p:zcc&emx) quia
< 310 AC, &BC*funt g% et DK - (ACq —+
d 3. to.  BCq) TL-ACg; ‘quale DK eft pr. dergd
513, 10, DL eft ‘o'r1- DB, ¢ item GK (2 ACB) e
t 25,10, P' fcrgo GL cﬁ P_u. DE) 1 3 quare DL ‘-u-

 Jib.iz.10, GL.5 Sed DLqTL GLg. * ¢gd DG eft apo-

i 1 o, tome. quia vero DE ! Tk &/ DLq — GLg,

1 lem. o7

m 2 def, PeritDG apotomefecunda. Q.E.D,
35. 10, ]

Pror. @ -

BLC) ad ratioma-
lem DE _ applica-
tum, fucit latity-
dinem DG apoto-
] men tertiam. .

E F N H K  Herum DK et
% 33: 10 pr. *quare DL,
h dem. 26.10 eﬁ § “IT. DE. item GK' cﬁyy.lundeGLeﬁ

o ¢ &10. jiL DB;bitem DK = GK, © quare DL
d f¢b n.m. *m_, GL ; ¢atDLqT3. GLq. ¢ ergo' DG eft
FIbie apon & quxdcm 3% 8 quia DL . V DLq._-
E. l.
2 Iela:};‘.-lc Gle- Q. )
Prop. CK
Fide Schema preced! -
Rusdratym minycis A.'B (AC —~BC) ad var-
tiedalenss

‘Dr——-—-f : MY\ cunde AB(AC—

B R e

o g

- et e =+
— T T ——
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tionalem DE applicatum, facit latitudinem DG a=
Dotomen quartam,
Ut pridis, ACq=+ BCq, hoc et DKeft jrs .~ .
3 ergd DL eft 0. DE. at re@Gang, ACB, ide- 3 ;;;O"‘
Sque GK (2 ACB) *cft up, »quare GLeftf b 3. 10,
"I DE. cergd UL O GL.4atDLq T3 ¢ 13 10.’
o GLq.quiaverd *ACq'm- BCq,erit DL T, ﬁ,’; ;;;::: .
- ® o DLq— GLq:f ergd DG conditiones habet f 4 def.
' apotomz quartz. Q. E. D. - 8510
: ~... ‘Pror. CIL,'
Fide Schem. preced.
Ruadratum ejus AB (AC —BC), qua cum
yationali medium totum efficit , ad ravionalem DE.
applicatum , ficit latitudsnem DG apotomen quin-
tam, o
. Rurfus enim, DK ef ur, *quate DL eft § 2 23. 1o,
‘0. DE.item GKcft jr,b unde GL eft §. -3 b 27,10,
DE. < ergd DLT0. GL, 4ied DLq . GLq. 4 /. 15,10
porrd, DE ¢ ‘T o/ DLgGLq, ex qgibu's,g ‘;"‘-‘3}7- 1o

DG f eft apot. quinta. Q. E. D.. 85. 10,
. YPror. CITL
Vide Schema idemn. )
1 - Rudratuwmejus AB (AC ~BC), qua cwn

medio medium.totum efficit, ad 1 dtionalem DE ap=
plicatum o facit latisndinem DG apotomen [ixtam,
" Haud aliter, quim-antea, DK, & GKIfunt ; ;a4 ,q,

" pa3 *-quare DL & GL funt p“03."DB. ivem b byp & leme.;
DK 1. GK; < quare DL ‘T3." GL. 4ergd 97:1¢, -
DG eft.apot. ¥ ciim igitur ACq ‘1. BCq, ide- d 7410,
éy. CL ‘O.¢ DLq —GLq, ¢ ait BG.§5
apot. fexta.. Q_E. D.. - : ’

3 PRogy.
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Prop, CIV.

C  Reltalinea DE apo-
F towe AB (AC-BC)
s o e apeee
il 5. & ipfa aporo-
Jme off , meque ovdine. eaden. S A
< LEM’MA

sitAB.DE :: AC. DF.¢r AB 0. DE.

Dico AC + BC 0. DF 4 EF.

Nam AC, 8C*:: DR EF. ergd compo-
nende AC —+ BC. BC ;: DF -+ EF. EF, ergd -
permutando ACBC. DF . EF :: BC. EF.

a lem. 66.10. * at BC "3 EF. % ergé AC -+ BC 1. DF
b0 EF; Q.E.D.

a.13.6. ‘s Fac AB. DE :: AC, DF. *igitur AC
b lem. 103, BC T DF +EF, ergdcim AC .. BC ¢bi-

10 nomium ¢, 4 erit DF+-EF cjuldem ordinis bi-
3 b"; e. Nomium: ¢ quare DF . EF ejufdem ordinis
¢ Per aefini- apotome eff, cujus AC — BC. Q E. I
tionss ad 85, .

l,).

1o, Pxor. CV.
B ’ Relts linea DE media a+
A____B_C mme AB (AC i,/BC )
s—e umaj. urabilus 3 & ipfa me~-
© E F deaunse cft, mque ordine
e, -
aané  Yeeum 2fic AB. 28 :: AC. DF. b quare

!:okm. 13 AC +BC T DF 4 EF. ¢ergd DF—+ EF.

c 6810, chtbimed. cjuldem ordinis , cujus AC ~+BC.
‘d 75,&. $proinde & DF —EF mediz apotome erit ¢
yhie.  juldem claffis, cujus AC —BC. Q. E. D.

 Predy




(Liber X. 35§

_ Pror. CVL
Refla. linea
A B__C DI;E( o
: - | by A 4 c -
D B F BC)commen-
© fiirabilis, & ipfa minor eft,

Fiat AB. DEu AC.DE,  éftg; AC— BC 2 lem 103:.
T DF —+EF.aqui AC +BC ® ¢ft Major, 17},,
sergd DF g+ EF quog; Major eft, ¢& proinde : és. 10,

DE = EF eft Minor. Q E. D..’ 77 10

*  Pror. CVIL -
A ! € Rellalinsa DE commen-
) fugbtlk ¢i AB (AC .
'———"ﬂ - - BC)-qua cum rationali me-
D _ dinm votwm efficit, ¢ ipfa
cum varionali medium torsm _efficiens eft.
Nam ad modum przcedentinm oftendemus

DF — BF effe porentem “pry & uy, > 5g0 DF e a8 10
"BEF cRat dici‘:uP: -

Prop, CVIIL

A ¥ C  Relfa linea DR com-
mecnf)wmbilk &6 AB(AC—
Srm—stestoalpmsems  BC) qua chim medie me-
D - E T dium towm efiit, &
ipfa- cum medio medinm toium efficiens eff.

Nam, ad normam przcedentium, erit BF —+ .

" BEpotens . 2ua, ? ergd DE — BF erit ut in 879- 10-.
propof.. ' ' '
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Pror. CIX.

Medie B 2
- K rationdh A
B detratto,ve-
&a lLnea H,
. quk religuum
.(Patﬁ A pase(t,

- " irvationalibus
E X fa veliapoto-
. ST ,,,e,vel.ﬁgﬂ;rl.
a 3.ax e E ,Clz= A+ B;
bm.&  AdCD "’facf_&;'}g’(n ) Quotiam igjtur
eenftr. = B. quare CE =a:{1q (e auia FI bet
€ 2010, Cyaefpsycerit CKf T CD.fe I
S i e pnéerit FK'p ‘TL CD. cunde CK T FK
€ 13.10. #, . e a8
f74. 100 fergd CF eft aporome. Si igitur €K 11 &/
£ :';f CKgq— FKq, serit €F apot. prima; b quare 4/
h’,a. 0. CE (H) eft apotome. fin CK - y/ CKq—

1;5.4[ :ff' FKag, kerit CF apot, quinta, & proinde H ( Ny

1 95 10¢ - CE) terit Minor. Q. E. D.
" Pror. CX.
Fide Schem. firaced. _
Rationali B-a medio A — B detratlo; alie duse.
“drrationales fiunt , vel medie apotozse prima , el
23 a¥ X cum rarionais medsum totim efficiens, -
bln. & Ad €D expof. j fiant reQang. CI = A
.:m?;:,m, < B; 8 FlL =B, *unde CE= A =
d 2u10.  }Hq, Quoniam igitur-CI b eft ury ¢ et
¢ .10, o p . CD. fed quia FI beft Gy, derit
& 4% FKpma. CD. cunde CK “TL FK.ergd CF
8s.10. .0 apot. € nzmpe fecunda 3 i CK T 4. CKq

hlg3. 10,

K 5. def.85. . FKq, bquare H (4/ CE) eftmediz apot..

o o prh‘m.qSin verd. CK T f CK§ — FKaq, ke-

198+ 50, rit. CF apor. quinta, & proinde H (4 CE)
- erit facicas @y cum fr. Q. B D.. Props.

. usa ex duabs v
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Pror. CXI,

Vide Schema sdem. .

MedioB & medio A — B detraile, qmod fit in~
commenfurabile thi A ~ B, reliqua due irrationa-
les fiunt, vel media aporome fecunda 5 vel cam me-
dio medium tetum efficiens. -

e AdCDjfant reSang. CI =A 4 B; &

FI=3, *quare CE= A= Hq. Quoniam a 3.42x. 1,
igitur CT eft ur, ® erit CK 4“3 CD. codem b 23. 10,
medo erit FK § “T- CD. item quia CT <'Tl. fl ‘;’of'm
FI, ¢ crit CK"O-FK; ¢ quare CF eftapoto- ¢ 74. 10.]
me, ¢ ertia filicer, GCK TLYCKq — FKq, f 3+ &
sunde H (4 CE ) erit medie apot. fecunda. g 54 ro.-
‘verim § CK'TL y CKq—FKQq, heric CF b 4 .
apot. fexta. *quare H erit faciens py cum ps sks',;‘_"m'-, ’

Pror., CXIIL

) Aposme A non eft
F _® E odew, gue ex binis
B ‘ xominibis.
~ Ad expof, BC §,
. + fiat re@ang, CD =
cl " AQ. Ergd clim A fit
— . apotome , 3 erit BD 2 8. 10,

. apot. prima; ejus congruers fit DE.® quare BE, b 74. 10,
DE funt § T}. & BE T1. BC. Vis A effe ¢ 1. defy
bin, ergd BD cft bin, 1. ¢jus nomina fint BE, 0"

. ¥D; sitque BF - FD; ¢ ergd BF, FD funt 9 37;!0.
gG-; & BF ¢ 0. BC. ergd cim BC T BE, Y ,off'

ferit BB T BF tergd BB T-FE. bergg £ 12.10.
FF eft 5.item quia BE ‘T DE, k¥ crit FE'TL ﬁ ‘fa:bizlx:.
DE. !quare FD eft apotome, ! adedque ED eft k 14. 10,
§. fed oftenfa eft 5. qua repugnant. ergd A malé | 74- 100
Adicitur binomium, Q. E. D. oo

Zs Nomina

-
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Nowing 13. lmmmdummr
S iferesin.

1. Medle ’

3. Ex binis nomnibus us € {pecies
3. Ex binis mediis pt cu] pec
4. Ex binis mediis a

5. Major. .

§. Rationale u,me&ium potens
9. Bina media potens.
-8, Apotome,-cujus ctiam 6 [pecies..
9. Mediz spotome prim,
10. Medix spetome fecunda.
x1. Minor,
12. Cum rationali medium totum eff-
cxcns.
13, Cummediomedium totum cﬁcxcns.
Cim latitudinnm differentie arguamt diffcres-
tias velarum, quarwmquadrats f[wnt applicats ad
wliquam vationalem o sitque demonflvatum in prace-
dentibue, lati Lasitudines que sriuntiy ex applicationibus

- quadratorm havem 1 3 lincavsm inter fe di cm,

;er/pme Jeqwitir bas x; lintas ister [edifferre
‘ Proy. €XI1L
H cC_ & G F mu%';u'dxl?d
: on, gee cx
. o | bins nomeibns
| ] 3C (3D
1 DC) ‘P}““‘

m fam L o
tomen BC, &~

B A jus nemine EH,
A CH * commen-
[urabilia _[wnt
“nemsinibus BD, Do ejus, que ex binis mum

pa, GBS
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haaadE e A A A S

- e X 25
€ in eadem proportions (EH. BD :: CH. BC);
& adbacy apoteme BEE que fit , emndembabet or-
dinem, quem ea BC, que ex bini nominibis.
Ad DC minus nomen *fac re@ang. DF == 2 or. 16, &/
ng BB, quare €. CD b:: FC. CE. ergd b 14.6:
ividendo BD, DC :: FE.EC. ciim igitur B .
< &= DG, derit FE ¢~ EC. fume EG =EC; § b
£iatque FG.GE :: BC. CH. Erant EH , CH ¢ '+ &
nomina apotomz EC3 quibus conveniunt ¢a,
quz in theoremate propofita funt. Nam com-
ponendo FE.GE. (EC):: EH. CH. ergd
%H. EH ¢::gH. CH f:: FB, BEC {:: B _.:_‘;li.‘;i'
C. quarecum BD+$ DC, beric BH rikss
CH;* & FHq . EHq. ergd, quiz FEq-. 4 ';’:.' 10, -
EHq¥ :: FH. CH. berit FH . CH, idedgy k er-30- 6,
¥C T CH. Porrd CDseft'p, & DF (Aq) =
s efl jr," ergd FC eft 'p T CD.quare erid CH ® 33 ™
eft T CD.» igitur pH CH funt ‘pjac g
privs.° ergd EC cft apotome; cii congruit CH. i}
porrd EH. CHf :: BD, DC, ided permutando n feb. 13.10¢
EH. BD :: CH. DC. unde quia CH {"TL o 74. 10,
DC,rerit EH 1. BD. quinimo pone BD “TL.
~/ 8Dq—DCq; 2eritided EH T &/ EHq _
CHg. jtem 6 BD -0 'p expof. erit EH “EL i~ P 1010
dem ‘g3 £ hoc eft B fit bin. 1. terit ECapot. 9 *5-1%
prima. Similiter i DC 11 p expol. *erit CH
"L cidem ‘p, ® hoc eft f BC fit bin, 2. * erit ¢ 15,705
EC spot. 2, &fi hzcbin. 3. ills erit apot, 3, { 1. defe
&c.Sin 8D T / BDq—DCq, 7 erit EH 13- #5; 0
» EHg— CHgq; fi igitur BC fit bin. 4, vel s, 8. 10.
vel 6, erit EC fimiliter apot. 4, vel §, vel 6.:; :’:{' .

QEDR . X sdef
: 85.10.
Y 15100

Z4& P“'e
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PROP- C x I V.
A Daadraum va=
] tionals A ad apo-
B —+ tomen BC (Bl)em
. DC) applicarums,
.-\ fait latitudiners
C i BE eam, qua ex
: : binis nominibusscu—
, jus nomira BE ,
2] L ) GE commen(wre~
. ‘ bilia fint apotome
BE nominibus BD DC, & in eadem proportione;
& adhuc, que ex binis nominmibus fit (BE) , eun-
dew babet ordinem, quem ipfa apotome BC,

a cr.16. 6 > Fac reQang. DF = Aq; & BE.-FEb::
b 1s.6: EG. GF. Quoniam igiuw DF = Aq=CBE,
¢ 14.6. “erit BD. BC :: BE. BF. ergd per converfio=
nem rationis BD.CD :: BB. FE :: EG: GF :2

d1s.s. 4BG.EG. fed BDe'g.. CD. fergd BG
:- f{,"" GB. ergo quia BGq, GBq ¢:: BG. GF. beric
cor. 20, 6. BG TL GF Midebque BG “TL'BF. porrd
10.10.  BD ecft p, &re@ang, DF (Aq)-ceft jr, ler-

ll( ;n:..;co. 1o 93 BF eft ‘p T BD. ® ergd etiam BGeeft p 1.

m 13, 10, + BD. #2go BG, GEfunt ‘p - °quare BE
B fib.12.19, eff bin, denique igitar quia BD. €D :: BG.
o3 G permutando BD. EG :: €D. GE ; sigs.
p 110, -BDTLBG,?erit CD 11 GE. ergo i CB fie
" apot. prima; erit BE bin. 1, &c, ut in antece-

denti. ergd, &c. . '

‘Pror.

.
b

|
|
«'
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- Pror. CXV.
i A C
I : ]
G
o : 1D -

" 8§ fpatium AB comtintatar fido < apotema  AC
(CE —AE),lrea, quaex binis nominibus CB;

i cujus nomina CD, DB commenfurabilia fint aparo~'

ma nominibus CE, AR 3 & in eadew prepertione
(CE.AE:: CD/ B, )5 reﬂa(meaF Jpatinm

AB potens, eﬁrumdu

. Sit G quavis ‘g & fiat selang, CH-Gq

3 erit igitur BH ((HI —1B) apotome &HI. e -
3. Cp*Ti CE. *& Bl "m-DBj*atque .
HI. 81::CD. DB ®:: CE.EA,ergd pcrmu-b .
tando HI. CE :: BL EA. o0 BH, AC::c 15. 5.
HI CB: Bl EA ergd cim HI ¢ ":LCE d 13.10.

¢ 10.10.

ecrit BH TL AC. ¢ ergb re®ang. HC M- y.5. &
BA. Sed HC (Gq) beft pr. Serg() BA (Fq) to.10. '
eft pp. proinde Feft’e. Q. E.D ( q)sﬁb 110
Coroll. .
Rinc, fieri poteft, ut (patium rationale conti-

- meatur fub duabus re&s irrationalibus,

Pror. CXVI
: A media AR fi-
r ' unt infinite iwvatin

enales BE , EF,
&c. & nullaalicui .
aatccedentivm  of
eadem,
Sit AC exyol.
°p. sivque
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L)

allew. 38.50. P-Sitque AD fpatium fub AC, AB.2ergd AD

b’:x. 13..“ cft ’pr? Sume B% =4/ AD.Pergo BE cft ‘pnulli
priorum eadem. nullum enim quadratum alicu-
jus priorum applicatum ad ‘p, latitudinem efficit
mccﬁun. compleatur re®ang. DR; 2 erit DE pr3
& *proinde EF (/ DE) erit’p; & nulli prio-
rum eadem. nullum enim priorum quadratum
ad § applicatum , latitudinem efficit ipfam BE.

ergo, &c. v' , ]
Pror. GXVIIL :
Propefitum it mbis oftende-
ve, in quadratis figuris BD,
' diametrum AE lateri AB ine
v coomen(urabilem effe.
W AN Nam ACq. ABq?:: 2.
b cor. 24,8, B C xv; non Q. Q. ¢ ergd AC
$ Sl "L AB. Q. E.D.

Celebratiffimum eft hoc theorema apud vete=
res philofophos , aded ut qui hoc nefciret, cum
.~ Rlato non Lnln.. inco effe, fod pecudem diceres,

LIB;

1




-ﬁ s . ' (v

LIB. XL
Definstianes.
W Olidum eft, quod lengitudie

L dincm habe'n
11, Solidi autem extres
¥, mum cft fuperficics. )
- II]1. Linea rea efft ad
lanum re&ts, cim ad rectas omneslineas,d qui-

ous illasangisur , quaque in prepofito funt pla- -

no, reQos angulos efficit,

1V. Planum ad planum reQum eff, ctum re~
&z linez, quz communi planorum feGionj ad
reGtos angulos in uno plano ducuntur, alteri
plane ad reos funt angulos. -

V. Re@tz linez ad planum inclinatio eft,
cim & fublimi termino re&z illius linez ad pla-
num deduta fueric ger“{:pdicuhrls 5 atque 4
pun&o quod perpendicularis in ipfo plano effe.
cerit, ad propofitz illius lineaz extremum, quod

in eodem eft plano, altera re&a linea fuerit ad« .
jun&a; cft, inquam, angulus acutus inGlRente li< -

nei, & adjun&@d comprehen(us,

V 1. Plani ad planum inclinatio, eft angulus
acutus retis linets contentus, qua in utroque,
planorum ad idem communis fe@ionis pun&ug,
du&#, reos cum felione angulcs efficiunt,
"'V 1L Planum ad planum fimiliter inclinae
mm efe dicitur, atque alterum ad alterum , cim
didi inclinationum anguli imer fe fuerint 2
quales. ) -
-V IIL Parallela plana funt, qux inter fe
non conveniunt, ’

I1X. Similesfolidz figurz fune, qua fimili-
bus planis continentur, multitudine 2qualibus.

X. ZAqugles & fimiles folide figurz funt,

. quz

Y nem, latitudinem, & crafficgs -

2
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’juz fimilibus planis multitudine, & magnitus

ine 2qualibus continentur,

X I. Solidus anguluseft plurium quim dua-
ram linearum , quz fe murud contingunt, nec
in cadem funt fuperficic, ad omnes lincas incli-
pation - R
) Aliters . '

" Solidus angulus eft , qui pluribus quim duo=*
bus planis angulis in eodem non confiteniribus
plano, fed ad unum pun&um conftitutis conti~
netur. *

X11. Pyramis eft figura folida, planis com-
prehenfa, qua ab uno plano ad unum pun&um
conftituuntur. L

XIII Prifma ef figura{olida, qua planis
continetur, quorum adver(a duo funt & #qualia,
& fimilia , & parallela ; alia verd parallelogram-
ma,

X 1IV. Sphzra eft, quando femicirculi ma-
nente diametro, circumduus femicirculus in
feipfum rurfus revolvitur unde moveri cceperat,
circumaffumpta figura,

Covoll.

© * Hinc radii omnes 2 centro ad fuperficiem

fpharz. inter fe funt zquales,

X V. Axis autcn fphzre, eft quicfcens illa
reQa lines, ciccum quam femicirculus conver=
X V 1. Centrum (phzrz eftidem quod &
femicirculi.

X V11, Diameter autem (pharz , oft reéia
?zdam linea per centrum ducta, & utrinque

fphxrs {uperficie cerminata, :

- X V111 Conuscft, quando reQanguli tri-
anguli manente uno latere eorum, quz circa re=
&um angulum, circumdu&um triangulum in fe-
ipfum rurfus revolvitur , unde moveri ceeperat,
ciccumaJumpta figura; Arquefi quicfeens lr’iﬁa

- -7 -, linca
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linea qualis fit reliqua, que circa reGuman.

lum continetur, orthogonius erit conus : f
‘yerd minor, amblygonius: fi verd major, oxy-
‘gonius, - .

X I X. Axis autem coni , eft quiclcens illa
‘linea, circa quam !riangulum vertitur, -

X X. Bafis veri conieft circulus qui 3 cir-
cumdu@a reQa linea deferibicur. - ‘

X X1I. Cylindrus eft, quando reftanguli
parallelogrammi manente uno latere eorum, quae
circa re&um angulum, circumduum parallelo-
grammum in feipfum rurfus revolvitur , unde
ceperat moveri, ciccumaflumpta figura,

< X X1L Axisautem cylindri, cft quiefcens
lla reftalinea, circum quam parallelogrammum -

convertitur, . . )

X XIII. Bafes verd cylindri funt circuli 3
duobus adverfis lateribus , qua circumaguntur,
deferipri.
< X X1 V. Similes coni & cylindri funt, quo-

rum & axes, & bafium diamerri proportiona- -

les funt.
X X V. Cubuseft figura [olida fub fex qua-~
‘dratis zqualibus contenta. ,
" XX V1 Tetracdrum eft figura folida fub
quatuor triangulis zqualibus & ®quilateris con-
tenta. S
X X VIIL O&aedrum eft figura folida fub
oo triangulis zqualibs & aquilateris contenta.
© XX V111 Oodecaedrum eft figura folida
fub duodecim peatagonis 2qualibus, & zquila-
teris, & 2quiangulis contenta. '
© X XIX. Icofaedrum eft figura folida fub
“vigintl triangulis 2qualibus & zquilateris cori-
tenta. . . co
X X X. Parallelepipedum eft figura (olida fex
figuris quadrilateris, quarum quz ¢x adverfo
pirallelz funt, coatenta, %)
’ Aa . XXXI. Seo-

-
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X X X 1. Solida figura in folida figura dici=
tur infribi, quando omnes an?;li figurz infc ri-
pt& confticuuntur vel in angulis, vel inlateri-
bus , ‘vel denique in planis figurz', cui infcri-

bitur, - .
X X X11. Solida figura folide figurze vi-

ciffim circumf{cribi dicitur , quando vel an uli,

vel latera, vel denique ‘X\ana Sgure circumfcriee

pt2 tangunt omnes angulos figurz, circum quam

defcribitur,
ProP, 1,

. Relle linca pm qua-
D dam AC n;n eftin fubjeite
[ o plano, quadam vers CBin

Ap—rd P fublimi
— B Producatur AC in fub-

~ jeo plano ufque ad F,

" ¥is CB effe in dire@um 1pfi ACsergd duz re@a

AB, AF habent commune fegmentum AC,

Prop. 11 - .

.D . Siduarella lincw AB,
, B CD femuius fecent, inu-
F X a0 funt plino’: alqee tri-

EN\ . agulum omne DEB in une
AT NC

?4 plane. -

Puta enim trianguli DEB parem EFG eile
inuno plano, partem verd FDGB in altero,
ergd retz ED pars EF eft in fubjeto plano,
pars verd FD in fublimi,? Q_E. A. ergd trian-
gulum EDB inuno cft plano, proinde & rez
ED, EB,*quare & totz AB, DC inunoplasa
exiftunt, Q E. D,

Paor,

H
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A .~ Pror. IIL.
, ’A .Sidyo plana AB, CD
Jemutu fecent, communk
{ ¢ trwm [eltio EF off relta
S I Bly. finea. :
A Si BF communis (e&io
i--® . nion eft reda linea, * ducatur in plano ABre&ta 1. poft, 1.
¥ -BGF,* & in plano CD reGta EHF, duz igitur
re@z EGF,EHF claudunt fpatium. P Q. E. A, b 14, 4. 1.

4]

Pror. IV.
i : §i relta linea BY veltis
F duabus lineis AB, CD fe
mutus [ecantibues in commu-
C ni fectione E ad recfos angu=
los infiftat : iladucto etiam
pet ipfas plans ACBD ad
H angalos veites evit.
Accipe EA, EC, EB,
: ED zquales, & junge re-
B B &ssAC, CR, BD, AD.
per E ducatur quavis re@a GH ; jungantiirque
“FA, FC, FD, FB,FG, FH. Quoniam AE
2= EB3 & DB *=EC; &ang. AED ":g i"”ﬂ”
CEB, cerit AD = CB, ¢ paritérque AC =, .,,f’,f'
DB. dergo AD. parall, CB. 4 & AC parell. d feb. 34, 1.
DB. ¢quare ang. GAE = EBH. ¢ & ang.. 1, .
‘AGE=EHB.{ed & AR f=EBtergd GEf conftr. )
= EH, & ¢ AG = BH.quare ob angulos reQos, § 26. 1.
.ex hyp. & proinde paresad E, * bafes FA, FC, h 4. t.
FB, FD ®quantur, Triangula igitur ADF, :
¥BC fibi mutud zquilatera funt, ¥ quareang, k 8.1,
DAF = CBF. ergdin triangulis AGF, ¥BH
latera FG, FH fzquanturs & proindeetiam 1 4. 2.
triangula FEG, FEH fibi mutud zquilatera
funt, @ ergd anguli FEG, FEH 2quales ac ) g
i - ®propierea re@i {unt. Fodem modo FE cumn jo.def n o
’ . ' Aaa onnibus,

-
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r4ms
omnibus in plano ADBC per E dulis reQis
) lineis re@os angulos conflituit °, ided i
3 ,,f; ,,,Pﬁnore&‘c&% _EC:mD.tult o xdeoqneuficm .
Pror. V.
"B - Siveltalinea AB rec¥i rriv
bus lineis AC, AD , AE /2

F utnd tangentibus in commens |+
PG j;n'e&imt?dg?:&u ::g:hs infi-

p fats illa tres veRainuno [ums
~ ° Nam AC, AD *furtin
uno phpo FC. * item AD, AE funt in uno pls-
no BE. vis diverfa efle hac plana; fit igitur eo-
b 3.1, rum intecfe@io Prea AG. Quentam igitur
.BA cx hypoth. perpendicularis eft reQis AC,

PVRTR AD, eadem ¢ plano FC; 4 idedqs retz AG per-
8 Ldef 11, pcm{icularis eft.ergd (fiquidem & * AB eft in co-
dem cum AG,AE plano) anguli BAG,BAE re-

£i,& proindc pares funt, pars & torum, Q.E.A.

Prer. VI

B Si dua velie lince AB,
: DC cidems plawo EF «d re-

'C
E AN oy Clos [int angules 5 pavallele
. eiunt ille vetie limee AB,
Se

a 311

. DC. .
Ducatur AD, cui in pla-
no BF perpendicularis fit DG = AB; jungan~
tirq; BD, BG, AG. Quia intriangulis BAD,
2 byp. -~ ADGanguli DAB, ADG 2 refli ?um-, atque
b wxflr,.  AB» =13G; & ADcommunis eft, ¢ erit BD
c 41 = AG; quare in trian%ulis AGB, BGD fibi
d8 1. mutnd zquilareris ang. BAG ¢= BDG; quo-
. 7 rum BAG reQus cum fit, erit BDG etiam re-
N Qus. atqui ang. GDC retus ponitur; ergd re-
€511, © & GDuibus DA, DB, CD reQta eft; e quz
o £a.¢1, ,-ided in unofunt plano; fin quo AB exiftis;
cum ..
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:  cum igitar AB, & CD fint in uno plano, & an- ’
guli interni BAD, CDA refti fint, Scruns AB, g 28.1.
CD Paﬂuelz. QB. |D¢ : R

E ~ Prer. VIL.
A B Sidua fint parallela vecte -
.._t—g———- linea AB, CD, inquarun
<® utrague (umpta fint qualibet
- JJG  punita B, ¥ illalineaBE,
4 Q- F qua ad bac puntta adpungi-

¥ tury in eodem eft cum parallz-
vt Uis plane ABCD. . .
” "Planum in quo AB, CD fecet aliud planum
¢t Pper pun@taE, F, fijam EF non eftin plano
¢ ABCD, illa communis {e&io non erit, Sicer-
. gOEGEF, ahzc %gitur re@a eft linea. duz-ergd a 3.1r.
.«  re&z EF, EGF patiim clzudunt b, QE. A, b igax s

Pror, VIIL

\ Si dus fint p'zmﬂcl‘e vee
B \C’ fle linee AB, CD, qua-

. vum altera AB ad relfos
g ,E Aﬁb cuidam plano BR fit anguloss '
3 Gl ¢ reliqua CD eidem pla-
“ - F™ EF ad reflos angulos
v ' erit,
Adfciti preparatione & demonftratione fe-
"« Xtz hujus 3 anguli GDA, & GDB redti {unt, -
2ergd GD re@aeft plano per AD,DB (binquo 2 4 17+
"etiam AB, €D exilgunt ).<ergd GD ipi CD P 7- 11

1R S

N SR Y

eft perpendicularis; atqui ang. CDA etiam dre- ﬁ ,39{'1‘ o
A Quscft. ¢ ergé CD plano EFre&acft. Q. E. Doe 4. 110 _
g
a2 I - L
i Aag Prors
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A ’ P“P'.QI,X'(AB DY eid )
H . sa (. eidems
'E—-—"B' ¢ refialinea E Ffuns paralle

le , fed won in codems cum

C I O llaplaw, be quog; fure in-
ter fe parailele.

In plano paraliclatum AB , EF duc HG per—
pendicularem ad EF. item in plano paraliclarum
EF , CD duc 1G perpendicularem ad EE.3 ex-
g0 EG reQacht plano per HG , GI; eidémgque
piano brez funt AH, & CL.cergd AH, &
CI parallelz fant, Q.E.D, : .

Prop. X. )
8t due relte lima AB, AC [z

A o sangentes #d duas veflas ED, -

DF [fe mutud tangentes fint parslle~

B i€ la, mon autem in eadem plano, e an-
gu'es @quales (BAC, EDF) con-
b syebendent,
- Sint AB, AC, DE, DF 2qus-
E! F* lesinterfe, & ducantur AD,BC,

EF, BE, CF. Cim AB, DE

3 fint parallele & zquales, betiam BE, AD

parallele funt, & 2quales. Eodem modo CF,

AD parallele funt, & 2quales, < ergd etiam BE,

FC funt parallelz & xquales. Equantur ergd

BC, BF, Cium igitur triangula BAC, EDF

fibi mutué zquilatera fint , anguli BAC, EDF
¢ zquales erunt, Q. E. D, .

Pror. XT.
Adatepuncle A infub-

g BC perpendicularem re-

1 6iam lineam A1 ducere.
G B 1. GQ In plano BC duc
e ) quamvis DE , ad quam
ex A ducperpendicularem AF,ad candctl!:l per
IR

B D KAAH ;i ad [ubfeltum planum -



]
]
]
:

“® eriam hrelus eft. !ergd Al plano BC rela

-
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F in plano BC®due normalem FH.tumad FH a 5.1,
+ demitte perpendicularem AL erit Al re@ap oy,

plano BC.

T¥am per I ¢duc KIL parall, DE.Quia DE  ,, .
LreCtacft ad AF, & FH,cerit DE rectaplano d confir.
IFA; adedque & KL eidem plano € recta cft. ¢ 4. 510

% ergd ang, KIA reftus eft. atqui ang. AIF

eft. QE.D.

Pror. XII., .
o Dato piane BC & punfly
A, quod i illo datum o)ty , ad
veltos. anguios veltain lLiueam
C AF excitare. )
: A quovis extra planum
punéto D2duc DE re&am plano BC; & jun&a
EAbduc-AF puall. DE. € peripicuum et AF
plano BC re@am effe, Q.E.F.

Pralticé perficiuntur hoe, & pracedens pro-
blema, fi duz normz ad datum pun@um appli-
gentur, ut patet ex 4, i1,

Pror. XIIY,
Dato plane AB, a pun-
" &a D, quodinillodarun
7 efts.duzerailelince CD,
‘CE ad reflos anguios
nox excitabmitur; ab ea-
' dem parte.

Nam utraque CD, CE plano AB? refta ef-
fet, ezdémque aded paraliclz forent, quod pa-
rallelarum definitioni repugnat, .

1
L4

£ 3 a1
¢ 3 Ilt‘f. [ ¥
h cenflr,
14 11

a 11,110
b 31, 1.
c 8. 11,

a 6. 11h-

Aag Prop,



Pxop. XIV.
eft; illa funt pava’ela.
/ B Si megas,plana CD,FE
% A concurrant , ita ut commu—
PE¥»”.  &um I,2d quod in propo-
gef 1. JAB,IBArefifunt, P(Q E. A.
A AC fe mutwd tangentes ade

272 EUVCLIDIS Blementorsm
valet hee G Ad que plana CD, FE,
comverfa. - eadem reffalinea AB velda

<
R Y T “nis fe8io Gt 1e@a GHj; .
. fume in hac quodvis pun-
: - fitis planis ducantur reG 2
2 byp. é 3. IA,IB. unde in ttian? o IAB, duo angulj
by 1 -
.* Pror. XV.
D ' S} due reite linee AB,
e F 4z vestu DE, DF [e
3 muino tangentes fint parale-
N le, non in codem confiftentcs
H _ plamo, paraliela [unt, que per
) slla ducunsur 5 plana BAC,
E EDF.
PR Ex A2 duc AG re@am plano EF. ¥ Sing;
b 3. 1.  GH,GI parallele ad DE, DF. ©erunt hz pa-
c 30.1,  rallele etiam ad AB, AC, Cim igitur anguli
: :d:j" It 1GA,HGA dfint re@i, cerunt etiam CAG,
f 4.’;,,' © BAG refti. fergd GA reQta eft plano BG
g confir - atqui eadem reéta eft, plano EF, Fergd pland
1411, BC,EF funt panallela, Q E,B. - -+
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'Pr.oP._ XV

Si due plana parallela
AB, €D plane quopiam
HEIGF fecentur , con:~
wiunes  illorum  feltioncs
EH, GF ‘lﬁmt paraliele.

Nam 4 dicantur non
efle parallele , cim fire
in codem plano fecanti,

H E Yy - Sonvenicntalieubi, puta

. D i1 quare cum totz .
HEY, ¥GI* fintin planis AB, CD produlis; a & 1h
.etiam hzc convenient; contra hypoth.

Propr. XVIL

Si dus recte nte ALB,
MD parallelis planis EF,
GH, IK fecentur o in eafdem =~
[» vasiones fecabuntwy ( AL. LB
G :: CM. MD).
. Ducantur in planis EF,IK
= re@z AC, BD. item AD
., * occurrens plano GH in N;
, jungantiirque NL, NM, Pla-
na triangulorum ADC, ADB faciunt fe&io-. ‘
nes BD,LN; & AC,NM 2paraliclas.” ergd 5 ve im. -
AL, LB: 3 AN, ND*:: CM.MD. QE.D.b a2 ¢

i Azs . Pr@m



274

a 311,
b 8. 11,
G 4udef. 11,

ETCLIDIS Elenpstorim
Prep. XVIIL

YT A Si vefia inea |
“F  AB plano cuipi—
Co— - 7 . am CD adrefZes
1 . [t onwe; e
E H D G onitia . que per
\ : ipfam AB plamae
D (BF &), ez—
. dem plame CO
N ad vellos angulos erunmt.
Duftum fic per AB Flanum aliquod EF, fa=
ciens cum plano CD. [eQionem EG; € cujus

aliquo pufi®to H, in plano BE * ducatur HI pa-
rall. AB.b erit HI re&a plano CDj; paritérque
aliz-quavis ad EG perpendiculares, ¢ergd pla-
aum EF plano €D: reQum cfty eAdemquera-

. tione quaevis alfa plana per AB du@a plano EE-

ag1d: 1ty

&a eunte Q.E. D

Paop, XIX.
- S Si dusplaza AB;
A S CD/em:mbfeca:
B ° tiaplanscuidom GH:

ad veltos fint angu-
N B les, commuuss etsa

E \  lorum [e#io BE ad
P veftos eidem plawy.
( GH.) angwlos erit..

Quoniam' plana: AB, CD ponuntur reQa-
plano GH, patet ex 4. def, 11. quod ex pun&o-
E inutroque rlano AB, CD duci poffit per-
pendicularis plano GH; quee *unica erit, &
propterca corindem plancrum communis {c&io..

Q‘E‘ D‘ .

G.
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Pror. XX. .
AR IS 8% folidus angains ABCD ;
trtbus  angwles planis BAD, .. =
/ a DAC, BAC comineatur; ex oo
bis duo quilibet, utst affumpiiy .
B E tertio funt majores.
Si tres anguli funt 2quales, patet affertio;

inzquales, maximus efto BAC, ex.quo *aufer a 23 y,.
BAF=BAD; & fac AD=AE; ducantlirque

BEC,8D,DC,
Quoniam latus BA commune eft, & ADY=}, .o
AE; & ang. BAE>=BAD;erit BE=BD.c 4. 1.
fed BD4DC4e=BC, tergéo DC~EC cimd 20.1.
igitur AD b= AE, & latus AC commune eft, ¢ 5 9% 1+.
ac DC = BCH eritang. CAD— EAC.8¢r-f25. 1.
g0 anz. BAD4CADCBAC. QE.D,  g4-4xn.
Prop, X XI..
. - - 'o”"l'al;‘ folidus angulus. fub -
minoiib.is, quim quatuer et
Aﬁb- Y angulis planss, continetur. .
q‘? Efto folidus angulus Aj
" B= plands an%ulis,-ilhxm compo-
F nentibus lubtendantur reGz
. BC,CD, DE, EF, FB in.
uno plano exiftentes. Quo falo conflituitur
pyramis, cujus bafis eft polygonum BCDEF;
vertex A, tétque cinQa triangulis, quot plani:
anguli componunt folidum:A. Jam vero quia.
duo anguli ABF,ABC * majores funt uno FBC, a 20..11} ¥
3 & duo ACB, ACD majores uno BCD, &
fic deinceps, cruntttianFulorum G,H,LK,L.
circa bafim anguli imul {umpti omnibus fimul
1n.iulis bafis B,C, D;E, F majores. b {ed angu- & /. 32,04,
li bafeos und cum quatuor retis faciunt bis tot
reftos, quot funt latera, five quot triangula. < Ere - 4., 12,
£0. omnes triangulotum cisca bafim anguli una
cum;

2
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d ”o | 59

® 21

| 3180
€a b
< byp.

T 24 B,
€ 20, b

EUVCLIDIS Elmentoram
cum ¢ re&tis conficiunt amplidis, quim bis to€
re&os, quot funt triangula. fed jiidem angulj cir—
c2 baim una cum angulis, qui comporiunt {oli—
dum, componunt 4 bis tot retos quot fune trian—
gula. liquet ergd angulos folidum angulum AL
componentesquatuor re&tis efle mineres.Q B. D .

_ Paer. XXIL
A BygeC
WAWAWA
St fuerint tres anguli plans A, B, HCY, quoruns
dus witlibet affumpti veliquo fiut majeres 5 compre-
bendant autem ipfos velka linea aquales AD, AE,
FB &c. flevi poteft, ws ex rectis lineis DB, ¥G,
M1 aquales illas velias comuelentibus triangulum
uatur. .
" ‘Exiis? conftitui poteft triangulum’, i duz
gqualibet reliqui majores exiftant ; fed itd feres
habet. Wam >fac ang. HCK=B,& CK=CH,
drcantirque HK, IK. ¢ ergo KH=FG, & t!uia
ang. KCI¢r A; erit KI .~DE. fed K1 f—
Hi+ KH (F&); ego DE—HIL.FG,
Simili argumento quavis duz reliqui majores
offendentur, & proinde ex iis triangulum? con-
Rimipeel QB D,

-~

e



9, s Iﬁbﬂ' X1
Pror, XXIIIL

AT B €n

J

~

5 E F. &

Ex tribus angulis planis A, B, C quersm duo
« yuomodocunque aflumpti veliquo funt majores , fo-
Cidiem angubumr MHIK conflituere. * Oportet an-* 31 11s
sems illostres angulos quatuor veltis minoves ¢fSe,
4 Fac AD, AE,BE, BF, CF, CG 2quales
" 3nter fe, Ex fubtenfis DE, EF,FG ( hoc eft
*‘ex zqualibus HI; IK, KH ) * fac triang. HKI1.3 2% 11 &
* circa quod b defcribatur circulus LHKI. *Quo- }, 5'4_
*  niam verd AD g=HL; ¢ fiv ADq =HLq -+ vid. Clavinm.
‘LMgq. 4sitque LM re&a plano circuli HKY; & © fek. 47. 1.
> ‘ducantur liM, KM, IM. Quoniam igitur’ang.d ";“ T
© LM * reftus eft, Feric MHq = HLq . LMg § 3% **
:  $=ADq. ergd-MH = AD. fimili argumento g conftr.
MK, MI, AD(id £ AE,EB &c.) zquantur,
. ergd eam HM=AD, & MI—=AE; & DEt=h cnfin
| 1, kerit ang. A = HMI;k Gmilicer ang. IMK k 8.2,
=B. k& ang, HMK =C, FaQus eft igitur
‘angulus folidus ad M ex tribus planis datis.
-Q. E. F. Breyitatis causd aflumprum eft, effe
- ADc HL,id quod in variis cafibus derfone
| Sratum vide apud Claviva.. . .

2k Paem.
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- Pror. XXIV. .
Si flidem A B
E B Parallelss planis corr—
Huesiur | adverfa
illius plana ( AG,
DB &c.) paralle~
G logramma funt @— -,
- miliz & aqualia.
A Planum AC fe-~
C e cans plana paral-
#1611, ela AG, DB*facit feiones AH,DC paralle-
las, Eidem ratione AD, HC parallelz funr.
Ergd ADCH eft parallelogrammum, Simili
argumento reliqua parallelepipedi plana funt
b 35.def. 1. ® parajlelogramma. Quum igitur AF ad HG, &
o 1o.11. - AD ad HE parallele fint, <crit ang, FAD =
d st CHG; ergo b AF ¢=HG, & Api=HC,
e7. 5 ac cpropterea AF. AD: HG.HC, triangula .
c.é. - FAD,GAH tfimilia fant &* 2qualiaj proinde |
4t & vparallelogramma AE, HB fimilia funt, & !
K 6.ar.1, *azqualia. idémquede reliquis oppofitis planis
oftendetur. ergd &c..

Pror. XXV. o
. : . 8% fo'sdam {
Q oo i 5 Pm/ft{e;iw- |
L

G/ . .dum AxCD )
4 4 O} plams EF [
'  — cetnuraduerfy
ll [oVA V[P ap.

arallels, !
h [ B K erit Iq’ueimd- j
wedum bafis AH ad bafim BH> ua folidum

AHD ud folidym BHC. |
Concipe Ppp. ABCD produci utringue. ace l
{

ipe AI—AE, & BK—EB, & pone plana.
IQ, KP pianis AR ; BC paralkla. parailelo-
~ o gramm.



3
;

Liber X I
pramma IM ;'AH; * & DL, DG, * & IQ,
AD,EF, &c.* fimilia ac 2zqualia funt ; < quare
Ppp. AQ = AF; atque cadem ratione Ppp.
W P = BF. ergd folida IF , EP folidorum AF,
E C zquemultiplicia funt, ac bafes TH, KH ba-
Sum AH,BH: Quod fibafis TH -, =,=a KH,
o erit fimiliter folidum IF ¢, =,"2ABP. ¢ pro-

w indc AH. 8¥ :: AF.EC. Q E. D,

]

Hec eadem omyib prifmats accommodari poffunt;
wnde - N
- ‘Corell,

Si prifma-quodeunque fecetur plano oppofitis-
planis paralielo, fetio eris figura-zqualis, & fie
:pxilisyralanh oppofjtis. .

) . Pror. XXVI

A e - Ad  datem
‘ veltam  lineam
AB, ¢jisq; pun-
Ctum A conftitu~

AR &

equdem  folido
angulo dato CDEFE.
K pun&o quovis ¥ 2 demitre FG plano
DCE re&am; ducantirque reltz DF, FE,EG,

GD, CG: Fie AH=CD, &ang. HAI =

DCE. & A1=CE; atqucin plano HAI, fac
ang. HAK=BCG, & AK = CG. Tum
erige KL reGam plario HAT, & it KL = GF.
ducarirque AL. efit angulus folidus AHIL

-——

279
236,18
X. def. 6.

24.11,
€ x0.defirr,

d 3411 &
9. def. ll.b5
€ 6, def. §.

\ > ere angulum (o~
N{‘ lidums ARIL ,

F U 3 0 S P

par dato CDEF. Nam hujus conftructio ittius.

conftitutionem penitus mulatur, wt facilé pas
zehit examinanti. ergd falum..

Ab Lrory.
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» 36, 11,
b 12.6.

¢ 23.5.

d 1.4def. 6,
e 24011,

£ 9.def. 110
AK, CD fimilia {olida exiftunt. Q. EJF. .

a2
b3

TRTS
4 1.

EUCLIDIS . Elementorsm
Pror. XXVIL

K D A datsre-
X Ta li:l::l AB,
=t daso falido par—
‘Z GE | allelepipedo
. F €D fmile &

| A g C T fimliter pof—

tum parallele—
pipedum AK defcriberes

Exangulis planis BAH, HAL BAl,qui 2~
uales fint ipfis FCE, ECG, FCG, *facangu-
lum folidum A folido C parem. item ¥ fac FC.
CE :: BA. AH.*acCE.CG:: AH, Al (fun-

- de erit ex 2quali FC. CG.:: BA. Al); & per-

ficiatur Ppp. AK. erit hoc fimile dato, ‘

Nam per conftr. ;4 BH, FE; ¢ & HJ,
BG; & 4BI, FG fimiliafunt, & ¢ hotum ided
oppofita illorum oppofitis; ergd fex plana folidi
AK fimilia funt fex planis {olidi CD, f proinde

Pror, XXVIIIL
B Si folidum pavalle-
c lepipedum  AB  plase
— FGCD fecetur per di-
G amios DF , CG ad-
: F A werforymplazersm AE,
A H HB, bifariam [ecabi-
. tur foliduws AB ab ipfo
. plawo BGCD,
- Nam quia DC, EG * zquales & parallel2
funt , b planum FGCD eft pgr. & proprer

r
>}

E
N

- 3pgr* AR, HB zqualia, & Gmilia, b etiam tri-

angula AFD, HGC, CG3, DFE 2qualia &
fimilia funt. Atqui Pgr2 AC, AGipfis FB, FD
* etiam 2qualia & fimilia funt, ergd prifmaris
FGCDAH omnia plana :fxqualia'l%mt, & fimi-

€ & def, 11, Yaplanis omnibus prifnatis EGCDE 13, & cpro=

—

inde hoc prifma illi zquatur. QE.D.  Paom

|
|

|
!
|
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R ) Prer. x XIX- .

SR )

Z E H

NS [ %)

P . N -

: A ¢

L = TR et

Solida. pavallelepipeds AGHEFBCD;

AGHBMLKI fuper eandem bafim A

GHE

conftituta, & * in eadems aliitudines quovum infi- . 18 efb> imet

paraliciapla-

Jeentes linte AF, AM in iifdem collscantur rectis 34 pGHE,

lineig AG, FL, fumt inter [¢ aqualia.
- Nam fi ex * 2qualibus prifmatis AFM

FLKD, &
ED], ficinllige

GBLHCK commune auferatur prifma i fequent.

AGNEHP, ® erit Ppp. AGHEFBCD = b 3, & 3.

-NBMPCI, addatirque utrinque folidum & ';;““f'”‘.

GHEMLKI. Q.E.D. a1,
f‘ ' ?x%r.. XXX.
AL
' | M
) F 1
l AN ’ V_A N
B -
~H _ 7 ° .,
A D g
 Solida - [d?‘aﬂekpiped; bA; DBCHE 1.:4(1; :



332 EUVCLIDLS Elomentorum ‘
ADCBIMLK fuper eandems bafim ADCB com-
flituta, & ineadem dltitudine, quorummffenczes
dinea AH, Al non inéifdems collocantus retis lineis,
inter fe fumt aqualia.

Nam produc retas HEO, GFN; & LMO,
a 34 . KIpy&dpe AP, DO, BQ, CN. 2 erunc tam
DC, AB,HG, EF,PQ, ON; quam AD, HE,
GF,BC,KL, IM, QN, PO 2zquales inter {e=
639, 11, fe, & parallelz. * Quare Ppp. ADCBPON®@
. utrique Ppps, ADOBHEFG, ADCBIMLK
¢ tLax,1, =xqualeeft; & ¢ proinde hacipfa inter fc ®qua-

. Pror, XXXL
| S

S

Y. B (s LTl

. AL ERT

" Solida parallelepipeds ALEKGMBIT,

_ CPsOHQDN  fiper wquales bafs ALEK,

« Aindo, CPwO conflitura s & * in-cadem aliitudine, &=
eft perpendi- qualia funt inter [e. T :

culeris Aplane ~ Habeant primd parallelepipeda AB, CD la-

bafis ad pla- tera ad bafes reta; & ad haeus CP produum

iy Prfir 3 gg’. PRTS =q. & fimile pgre KELA;

a 18,60 Padedque Ppp. PRTSQVYX =q9. & fim.

b 27. 11. & Ppp* AB. Producantur OsE, ND&, oPZ,

1o, defo 11, gQEZ,FERB, #Vy, TSZ, YXF; & duc EJ,

¥> LE. -

¢ j0.def 11... Tlana O:/N, CRVH, ZTYF cparalicla

d byp. & . fupr imter fe 3 d & pgr* ALEK, CPaO,

351 PRTS, PRBZ xqualia [uas, -Clim igitur ng

. ) i C ..

N
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yCD.PVw, ¢ ::pgr. Co (PRBZ).Pg¢:: P*pp e z; i,

PRBZQVHE. BVdw, f erit-Ppp. CD ” "
PRPZQI 3F.8 = PR.VQSTYX h AB. mﬁ,,'

E.
)LQSm Ppp . AR, ZCD latera bafibus obliqua ha-
zbeanc; fuper ealdem bafes, & in eadem altitudi-
;e ponantur parallclepxpeda, quorum latera bafi-
Mus fint reQa. k Eainter ¢, & obliquis 2qualia k 39, 11;
jerunt; ™ promde & obliqua AB, CD zquan- m 1. & 1.

turo Q E' .

Prob». XXX11.-
C Gp—ta=AK
D [
| 'L J/N
A E H

Solida pavallelepipeda ABCI, EFGL fub edz
dem altitadine, inter { funt ut ba/és AB,BEF. -
Produ&d EHI, fac
Ppp. FINM. Liquet efle Ppp. FINM, b 311
(< ABCD).EFGL4:: FL (AB EF.QE.D. § i

~ Pror, XXXIIL
c { ®  Similia folida paral-
Q8 lelepipeda, ABCD,
. BN\Y~ - EFGH,iner f ﬁmt
17 P in mplwata ratione
homlogorm ntgrum

pRA I X producantur re@az -

.G :
<N N | AIL, DIO, BIN. )
) vy Wi <fiant IL 10, 2 3.1;

iphis EX. KH, -
E XK ;ﬁ ®quales,? adcéq, YPYATS

per. FI=AB,& >comple a 45. 1.



E n.‘.ef:' 5.

2 3’1,

b 3t.1.
c 33,11,
d 17. %,
e 1.6,

f confer.
g 1.5 -

EVCLIDIS Elementorsms |
& Ppp. IXMT 2q. & fim. Ppp* EFGH. \
¢ Perficiantur Pppt IxPB, DLYQ. Itaque 4 -

rit ALIL, (EX) :: DL JO (HK) :: B1LAIN. !
(KF) ; ¢ hoc Egr. AD.DL: DL.IX :: |
BO. IT; € id cft Ppp. ABCD. DLQY =

DLQY.IXBP :: IXBP.IXMT. (¢ EFGH ).
bergd ratio ABCD ad REGH triplicata e
rationis ABCD ad DLQY , * vl ALWEK.. T
Q.E. D, ‘ :

Corel.

Hinc i fuerint quatuor linez reft2 continue
proportionales | ut eft prima ad quartam, irdeft |
paraltelepipedum fuper primam defcriprum ad |
parallelepipedum fimile, fimilitérque defcriptum
fuper fecundam. .

Pror. XXXIV. . )
& Agualium [v- |
-/ I¢ bidorsi pavalielc- -
1 pivedein ADCB
€ ‘ | 'EHGF bafs,
= VD vi M & altitudines g-
1 ciprocantur( AP,
A E 4 EH :

H:: EG.

: AC) : Erque-

vum folidorum pavallelepipedorum ADCB.EHGF °

bafe; s O altitudines ‘vecSrocantur , iRa [unt &=
quaka. . -

Sint irima latera CA , GE ad bafes re@a, i

m folidorum alritudines fine pares, etiam

zquales erunt, & res clara eft. Sin alcitu-

- dines inzquales fint, 3 majori EG 2 detrahe EI

= AC. &perI ® duc planum IK parallelum

baf EH, itaque

1 Hyp, ATD.EM < :: Ppp. ADCB.EHIK d::

Ppp.. EHGF. EHIK <::GL.IL ¢:: GE.IE.

'q AC&lliquet igitur effe AD.EH :: GE.AC.

QE. D, 3. Hy.
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; 2. yfl ADCB. BHIK b :: AD.BH&: 2, 33, 14,

¢ BG.EI}:: GL.IL »:: Ppp. EHGF.EHIK, k by. .

/ Bquare Ppp. ADCB=EHGF. Q.E.D, 116

4 Sintdeinde lateraad bafes obliqua. Erigan- 7' ,3 P

1, var fuper jifdem bafibus, in altitudine eddempa~~ 7

% rallelepipeda re@a. Erunt obliqua paralielepi-

«+ peda his zqualia. Quare chm hac per . partem

\™ reciprocent bafes & altitudines, ctiam illa reci-
procabunt, Q. E. D. ‘ ‘

. (vl
v Quede parallelepipedis demonfiraza fint Prop.
2 295 30531,33; 33, 34. etiam conveniunt prifma-
- tis triangularibus, que [int dimidia pavallelepipeda,
o Mt pasetex Pr. 28, Igitur, -
‘ 1. Prifmata triangularia zqué alta funt ut
‘bafes.. :
7 2. Sieandem vel zquales habeantbafes, &
" eandem altitudinem, zqualia funt,
3+ Si fimilia fuerint, ecorpm proportio tripli-
cata eft proportionis homologorum laterum.
4. Si zjualia funt, reciprocant bafes, & alti=
tudines; & fi reciprocant bafes & alsitudines,
zqualia-erunt, "

Prey. XXXV
I Si fuerint dua

‘ Plani " anguli
E "\ BAC, EDF
" equales, querum
H K werticibus A, D

[ublimes  veiia :
f{inm AG,DH Ty
nfiftant, que cum Lineis primd pofitis angulos conti= .
ﬂég{ft ¢q,uales, utrumgs utiiq, (ang.GAB =HDB;

& GAC = HDVY) in [ublimibus antem liness

AG, DH guelibes [umpta fuerint puniia G,Iz;.

.
M
4




286 - EUCLIDIS ZElementorim
" & ab bis ad plase BAC, EDF, inquibus core fi-
funt anguliprimim pofiti BAC, EDE, duite fre—
eiint perpendiculores GI, HK; - & punitiavers L, X
que inplafls 3 perpendicularibus funt, ad
Primim pofites adpunite fuerint recte Linee AX,
DK, ha cum-[ublimibus AG,DH equales apeac/ o5
GAM, HDK comprebendent.
. Fiant DH, AL 23uales, & GY, LM paralie—
l2; & MC dd ACCMBadAB,KFad DE,
KE ad DB perpendiculares, ducantirque re& =
at.u, BGLB, LC aq EF,HF, HE;* éfiq; LM |
b 3.def. 11, reda plano BAC;® quareanguli LMC, LMA,
LMB; cidémque ratione anguli HKF, HKIx,
€ 47:T  HKE re&i(unt. Ergé ALq¢=LMq .. AMqg
¢=LMq+ CMq—+ ACq-=LCq +ACy;
d 8.5 dergo ang. ACL reuseft, Rurfus ALqe=
' LMq+MAqe=LMq 4 BMq—+ BAq t=
€ 47.f«  BLq — BAQ. 4 ergé ang. ABL etiam re&us
€ 161, oft. Simili difcurfu anguli DFH, DEH re&i
e funt; ? ergd AB = DE; f& BL —EH; &
§+  AC=DF; & CL =FH. s quare ctiam BC
h 3.4 1, = EFs88&ang. ABC=DEF,s& ang.ACB
‘™™ = DFE. unde reliqui érc@is anguli C BM,
E 36.1.  BCM reliquis FEK, EFK zquantur, Xergd
m s CM=FK,!idedque & AM= DK. ergo fi
n 47.1. & exLAq == HDq. auferstur AMq= DKgq, -
3 ax, = remanet LMq==HKq. quarctritona LAM,
o8 1. HDK fibi muwd zquilaterafuns. *ergd ang.
LAM=HDK. QE.D.

Covoll.

Traque £ fuerine duo anguli plmi 2qua-
les, quorum verticibus fublimes re&z lince
xquales infiftant, quz cum linecis primé pofitis
angulos contineant 2quales, utrumque utrique;
erunt 3 pun@is extremis lincarum fublimium
ad plana amgulorum primé pofitorum demiffz
perpendiculares inter f¢ 2quales ; nempe LM
=HK, ‘ : DProv,

et
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Pror. XXXVI
‘ 8P tres rele

- AH N jipee DE, DgG,
- : ™ DY  proportiona-
les fuerint s quod
ex histribus fit fo-

DR VK e paraalie

pedmn DH SEGHl

- de eft defuripto & media linea DG ( 1L ) folide pa-

yallelepipedo N, quod aquilaterum quidems fit, a- -
guiangulum veyd pradiélo DH, -

Quoniam DE, IK?:: IL. DF, beritpgr. a by
LXK = FE. & propter angulorum planorumad b 14.6,
E; & I, aclincarum GD, IM zqualitatem, -
etiam altitudines paralldc?ipcdorum aquales .
fun, ex coroll. preced. bergo ipfa inter (¢ #qua b 31, 11,

liafunt. Q.E. D,
" Pror. XXXVIIL

«

—

3

A B c b
. Si quatusr velte linea A, B, C, D proportiona-
les fuerint, ¢ [olida pavallelepipeda A, B, €, D
que ab ipfis ' fimilia, € fimiliter defcribunturs
proportionalia erunt. Etfi (olida payallclepipeda,quea
& fimidia, & fimiliter defevibuntur , fuerint proe
portionalin (A.B::C.D.) & ipfa reltalinca
A, B, C, D pioportionales erant.

- Nam rationes parallelepipedorum * triplicata oy, -
funt rationum, quas habent linez. ergd i A.B}, ﬁh‘ﬁ 3,";
+: €. D. verit Ppp, A.Ppp. B.: : Ppp. C. Ppp. ‘

. D. &vice verfd. . _ Prop.

-



2 34 1.
b 39. 1.
€ 41,

- A ‘ ~Ng w 1eCTHM fuerit, &

. angulo EFG funt duo anguli re@ti. @.E. A.

EVCLIDIS ‘Elementorssns \

E d plaum AC

C b diguo purntts
E wrum

funt in une pm'mm‘ ( AB) ad dterum p’lmﬁ
“AC perpendicularis BF duita fuerit, n

communem feiionem AD cadet duitaperpendicula.
mEF. . ~

Si fieri poteft, cadat Fextra interfe@ionem

* AD. In plano AC *ducatur FG p dicu.

larisad AD, jungatirque EG. Angulus FGH
brectus eft; & EFGreQus ponitur. ergd iatris

Propr. XX X IX.

A E i fuids pavallele-
pipedi AB , eorum
que ex adverfo plane-
rum AC, DB latera

F N K11 (AEEC, AE,5C.
& DH, GB, DG,

Bnts pet [eitiones au-
. T . tem P[M“ 1L® ’
a ¥ =B PKMR /s exvenfa,
planorum communis [eitio ST , & fids parallclepi=
peds diameter AB, bifayiam [e mutud (ecabunt.
Ducanturre&= SA, SC, TD, T8, Proper
latera DO, OT lateribus BQ.QT, *angu-
18sque alternos TOD, TQB zquales, ©ctiam
bafes DT, T8, & anguli DTO, BTQ 2quan-

' P‘> HB ) bifwiam fiia
°

d fibh. 15, 1. tur dergd DTB eft reQalinea, codem modo

€ 341,

ASC re&taeftlines, Porrderam AD ad FG,

f o.01.&1.02 equimFGad Ce ; fidebque AD ad CB, ¢

g 331

proinde AC, ad DB parallele, & quales funt,

I

J
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& quare A, & ST in codem plano ABCD ex- h 3. 11,
fikunt, Iraque cliim anguli AVS,BV T ad ver-
ticem, & alternj ASV, BTV zquentur; k& A K 7- «x1.

= BT;ecrit AV =BV, & §V = VT.1#61.
Q.E.D. :
Covell. .
Hinc, Inomni parallclepipedo diametri dmrs
ncs fe mutuo bifecant in uno pun&o, V,»

) “Pror. XL, )
Y el Q
At Ap/} .

ERTT L
f B C'/ { Jr
B G

oKL »

$i fuerint duo prifmata ABCFED,GHMLIK
equalis dltitudinis, quorwm hoc quidem babwat bafim
ABCE parallclogrammums;_ illud vero. GHM tri-
angulum ; duplum autemfuerit parallelogrampnom
ABCEF trianguli GHM, equalia evunt ipfa pri-
fmnasa ABCFED, GHMLIK, L

Nam fi perficiantur parallelepipeda AN,GQ, 8 3%.a% 7

2 erint h%c xzqualia ob® bafium AC,GP, & g‘“‘ g
¢ altitudinum 2qualitatem, ¢ ergd etiam prifma~. ¢ .~
13, ¢ horum dimidia, zqualia erunt, Q. E.D, d 28 51, 4

€ 7. 4% 1.
» Schol. ’
€x baltenus demonfiratis babetwr dimenfio pri- ndr, Tacq
[matum triangiariem, & quadyangularium, feu )
jzn}allclepipedm‘m, i nimirum altitudo ducatnr in
afim. B . : |
Ut fialtitudo it 10 pedum, bafis verd pedum ;
quadratorum 10q ( menfurabitur autem bafis per :
{ch, 3¢. 1. vel per 41.1.) multipiica 100 per 105
‘ Ce’ pro=!
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EVCLIDIS Elemensorum.

proveniunt 1000 pedes cubici pro foliditate pri-
Amatis dati, :

- Nam quemadmodum reCtangulum, i & pa—
rajlelepipedum re@um producitur ex alrjtudine
duda in bafim. “Ergd quodvis parallelepipedum
producitur ex altitudine in balim ducta, ur pa~
terex 31 hujus, .

Deinde clun totum parallelepipedum produ-
eatur ex altitudine in totam bafim, {emifiis ejus
( boc eftprifma triangulare) producetur ex al.’
aitdine duétain dimiﬁiam.b'aﬁm, nempe wian
geluge  ~ o :

_ Bonitum.

Nota, listerarum que defignant angulom folidum
primam effe [emper ad punitum, v que eft anpwius,
Litterarum very quee denotant gyranmidems, ultimamn
effe ad verticem pyramidss. i

Ex. gr Angulus folidus ABCD eft ad pun-
&um A, pyramidis quoque BCDA; vertex et
2d punftum A, & bafis triangulum BCD,

L1B,
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LIB..XIL
Proer. 1

L.
va funt incirenlis ABD, FGT po-

0D Iycoma imiiis ABCDE, FGHIK

7 snter [efunt, ut quadrata i diame-

< 175 AL, FM. L

p  Ducantur AC, BL, FH, GM.

; Quoniam *ang. ABC=FGH, 2 r. 4f s, :
2 atque AB. BC :: FG. GH, *erit ang. ACBb 5. 6.
(¢ALB)=FHG( ‘FMGA). anguli autem ¢ 21. 3.
ABL, FGMdrelti;, ac -proinde 2Guales {unt. d 31.3.
*ergd triangula ABL, FGM zquiangula funt, ¢ 32. 3.

fquare AB.FG :: AL. FM, sergé ABCDE'Q‘::"‘.‘.'
FGHIK :: ALq. FMg. Col T
Caroll,

"Hinc, quia( AB.FG:: AL.FM:: BC.GH -
&e.) polggonomn'_: fmilium circulo inkripto- boroas &

rum 5 ambitus funt ut diametri, s

Q@cz2 Pror.



292 © ETUCLIDIS Elimewtorsms
Prop. 1L .

. Cirenli ABT,EFN dnter fe )
- funt, quemadmodum quedrata ]
diagetric AC‘,‘ ECG G " .
onatur  ACq. EGg :: circ, ,
- %.. ABT, L Digol=circ, EFN.
I Nam primd, i fieri poteft, fit T~ circ, BFN,
ooroo o St ‘eseeffus Kﬁ' Girc:o\g mh:gffcn;lmr
i, 49 quedidton EFGH, * quod dimidhuny eftcir-
“:f‘ -7 te canyicripri quadrati, sdeéque femicirculo majus,
Y 35,3, * Biieca arcus EF, FG,GH, HE, & ad punQa
o bite@ionum junge reftas EL,LF &c. per L
" fib. 27,3, duc tangenmem PQ (¢ quz ad EF parallela eft),
T i &.produc HEP, GFQ; éftque triangulum
d 41. 1. - ELF ¢ dimidigm parallelogrammi EPQY:, ade-
6.juc majus dimidio {egmenti ELF; paritérque
teliqua triangula ejyfmodi reliquorum fegmen-
torum dimidia fuperant.. Et fi iterum bifecentsr
“- arcus EL,LF , FM &c. reteque adjungan-
¢ _sur, eodem modo .tria,nznla fegmentorum femil~
i 'fes excedent."Quare fi quadrarum EFGH &
* cicculo :EFN, & ¢ reliquis fegarentis triangula
£ 1,10, detrahantur, & Hoc fiat continud, tandem € re-
- ftabit magnitudo aliqua minor quim K. Ee-
... tfgue ﬁvcntum fit, nempe -ad fegmenta EL,
A % 5. EM &c. migora quim K, fimul fum-
A pta.

l“:‘
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- Liber XI1I, 203

, ergd 1 ( f circ. EFN=K ) = polyz fbyp v
giFe;dgGNHO (cire. EFN—:fcg?n. EL.LFE 3%
&c. ) Circulo ABT inferiptum 8 puta fimile po- § 30. 3. & .
lygonum "AKBSCTDYV. itaque quum *-pof-t.
AKBSCTDV. ELFMGNHO 5:: ACq.b 512,
EGjk::circ, ABT. 1. ac polyg. AKBSCTDV lk hyp. .
1= circ. ABT. ®erit palyg. ELEMGNHO m’;:"‘s.f,
= L. {ed pritis erat T2 ELFMGNHO, quz
repugnant, .

Rurfus, i fieri poteft, fit T o circ. EFN.
Quoniam igitur ACq, EGq*® ::circ. ABT, [; n byp:
inverséque L cire. ABT :: EGq. ACq.pone I
circ. ABT ::circ. EFN. K., ° ergo circ. ABT o0 14, 14
o K. Patque EGq.ACq :: circ, EFN. K.Quz p 11 5.
repugnate moo oftenfum eft, )

Ergo concludendum eft,quéd I = circ. EFN.

=)

Q.ED.

Coroll. ]

Hinc, ut circulus cft ad circulum, icd polyge-
num in illo defcriptum ad fimile polygonum in.
Boc deferiprum.

Pror. 11I.°
: Omnis pyramis ABDC

triangulzrem habens ba~
Jim, dividitur in dus py-
ramides AEGH,HIKC
equales & fimiles inter
f/" triangulares habentes

afes o & [fimiles toti’

B F p ABD’C; & in duo prif-

mata aqualis BEGETH', EGDIHK; qua dus
prifimata majora funt dimidie totius pyramidis- -
ABDC. :

Latera pyramidis bifecentur in pun&is E,F, - .
G, H, I, K;; jungantirque re&z EF, FG, GE,
ELIF, FK, KG,GH, HE. Quoniam latera’

‘ Cc3: pyra-
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226,
Lo

S
b 9.1,
€ 26,1,

4 15,11,

e W def1n,

f2ex 1,
g 49.1L,

EUCLIDIS Elememorsm

pyramidis propertionaliter {¢e&a font, *orune
HI, AB; & GF, AB; & IF, DC, atque G,
DO &c. parallelz; proinde & HI, FG, & GH,
FI elz funt. liquet igitur criangula A BD,
AEG, EBF, FDG, HIK b xquiangula effe; &
quatuor ultima ¢ 2quari; codém modo trianguls

ACB, AHE, E18,HIC, EGK zt\x‘iangulz

funt, & quatuor poftrema inter fe 2qualia; Gmi=

liter triangula BFI, FDK,IKC, EGHy & de-
nud mianguls AHG, GDK, HKC, £F1, 6-
miliz funt & zqualia. Quinetiam triang. HIK
ad ADB, & EGH ad BDC, & EFlad ADC,

& FGK ad ABC ¢parallela funt. Ex quibus

;Icﬂpicuc‘ fequitur eﬂgt'iméa, pyramidés AEGH,
IKC zquslesefie ; torique ABDC, & inter
fe ¢ imiles. deinde folida BFGETH,FGDIHK
priimata effe, & quidem aqué alta, nempe fita
inter parallela plana ABD, HIK. verdm bafis
BEGE bais FDG f duplex eft. quare di&a
prifmata zqualia {unt. quorii alrerum BEGEIH
pyramide BEFI, hoc e¢ft AEGH majus cft,
totum {ud parte; proinde duo prifmata majora
funt duabus éyramidibus, totiisque aded pyra-
midis ABDC dimidium exceduat, Q.'E%.

Pro?;

T




C Lk xIR s
To . Prer. IV, '

. >
Si fuerint dus pyramides ABCD, EFGH
v ejwfdem altitudinis, tviaugulaves babentes bafes
¢  ABC,EFG; fit dutemillarum utraque divifa &
s 3nduzs pyramides (AILM, MNOD; & EPRS,.
. STVH) aguales inter e, & fimiles dots; ¢ an
,  duoprifmaa aqualia( IBKLMN,KLCNMO;
& PFQRST, QRGTSV )} a codem medo diw -
. “wifa fit wrragse pyramidum; que ex fuperiore di-
. vifienenate [um,sdjue [emper fiat 5 evic wt gniks
" pyramidis bafis ‘ad altebins “pyramidis bafim; itd
i & omnia, que in una pyamide, prifmataad ammia,
" que inaltera pyramide prifmata . multisudine &=
gualia, .
*7 MNam (xdhibendo conftruGtionem przceden--
“1is').BC, KC?*:: FG. QG.b ergd triang. ABC 2 1%: 55
“eft ‘ad Gimile eriang. LKC,ut EFG ad cfimile b 23.6.
' 'RQG. ergd permutando ABC.EFG ¢ :: LKC. § 3,52
© RQG*: Prifm.KLCNMO. QRGTSV (nam & /5. 34 1.
hzc zquéalta funt)f:: IBKLMN. PFQRST. £ 7,5. .
% quare triang. ABC; EFG :: Prilm. KLCNMO g 13. 5.

-~ Sinculreriis ‘fimili pato dividantur pyrami-
~des MNOD; AILM; & EPRS, STVH!erunt
* quatuor ‘nova prifmara hic: effe@a 'ad quatuor



296 EVUCLIDIS Elementorans
ifthic produ&ta, ut bafes MNO, & AIL ad
- bafes STV & EPR hoceft ut LKead RQG,
D 1%5. vl ur ABC ad EFG, b quare omnia prilmara
pyrathidis ABCD ad omnia ipfius EFGH
&3 fe habent, ut bafis AB(’ad bafim EFG,
Q.E.D.
Pror. V.

A

Y

B K CF
Sub eadem’ “altitudine extjimtu prramides
ABCD,EFGH triangulares babentes bafes ARC,
"BFG,inter [cfunzﬁaﬁs ABC,EFG,
B Su m\ang ABC.EFG: ABCD X, Dico
"X =pyr. EFGH, Nam, fi poflibile eft, Gt
X -jEFGH, sitque ¥ exceffuss. vaxdamr Py-
ramis EFGH in prifmata & pyramides, & reli-
aLte ug pyramides fimiliter,* donec reli@zx pyrami-
3:3 EPR.S, STVH minores evadant (olido Y«
it pys., EFGH_. +Y; li uet
o Iq'ﬁép ﬁ'm&ta I’ GTSV
’ ‘ f majory ¢ll. Y*amxdcm BCD [x‘mnl;-
b4 13y ter vxfbm copcipes ® Em prifm. X KLMN
+KLCNMO. PEQR RS
:m _ARC.EEFG. ¢:: pyr. ABCD X4
5 prifm, PFQRST*QB.GTSV, quod rcpugmt
© prids affigmatis. -
ebp.&  Rurfus, dic Xempyr. EFGH. pone pyr.
cwor. 4. 5. _E.FGHFYH 2‘ Pye. Aml‘){e EFGAAég
£ » . quig, EFG X, serit Y—3pyr. ABCD,
gf:f' 5f : zl:wd%m nequ;“, X jam dx&ns, Co udcu‘x-

e e g
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Pror. VI. -
T

.. C ¥ N

Sub’ eadem alritidine  exifientes  pyramides -
ABCDEF, GHIKLM, & olygoras balientcs
bafes ABCDE, GHIKL, inter fe fint t baf s .
ABCDE,GHIKL. '~ :

Duc reftas AC, AD, GI, GK. Eft bal, -
ArC.ACD? ::lgyr. ABCF. ACDF. Pergo-
compofi ABCD. ACD :: pyr. ABCDF.
ACDF. *-aqui etizmr ACD. ADE : pyr. .
ACDF. ADEF. ¢ ergd ex =zquali ALCD..
ADE :: ABCDFE.'ADEF. ® ergé componendo .
ABCDB. ADE :: pyr. ABCDEF.” ADEF.?2 5;’;
porrd ADE. GKL¢:: pyr. ADEF. GKLM; * **7*
ac,ut prits,atque inversé GKE.GHIKL :: pyr. .
GKLM GHIKLM. ©ergé iterum ex zquali-©'2% 5
bus. ABCDE. GHIKL :; Pyr. ABCDEF,
GHIKLM. QE.D. : :

: . Si bafes non ha-d 512
" bent latera xqué
multz, demonftrae
tio- fic procedet.’
Baf. ABC. GHI
e :: pyr. ABCF..
GHIK. ¢ atque
ACD.GHI :: pyr. € 512
I ACDF. GHIK.f 5.

DH

 fargd ba ABCD.GHI :: pyr. ABCDF.GHIK.

¢ Quinetiam bal, ADB. GHI::pyr. ADEE. -
GHIK. - f ergo bal. ABCDE. GHI:: pyr. . -
ABCDEF. GHIK:

- Ccys. Pror,:
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a 34.1,,
b 512,

G151,

7. 13,

b s

EVYCLIDIS Elguntoram
., Prep, VIL

: Omne prifima ABC~

D' DEE . tricagulavem: be~

A g bens bafm , dividizur %

. tres amides ACBF »-
7/ X\J/ KB, CDFE e

B C  les iner [e, tringulares.
bafes babentess. .
Ducantur parallelogrammorum diametri-AC,.
CF, FD. Triang, ACB:=ACD. bergd =~
qué altz pyramides ACBF, ACDF zquantur,
eodem modo pyr. DFAC = pyr. DEEC. at-
qui ACDF,& DFAC una cadémique funt py-.
ramis. <ergd tres pyramides _AS:BF, ACDE,,
DFEC, in quos divifum eft prifma, intes 6-+

. quales fuat, Q: B. D..

Goroll:

mis tertia- rs =
F tis candem cg:n ,iﬁ: ha-
. bentis & bafim & altitu-
_ . -dinem :-five prifma quod~.
libet triplum, eft pyrami-

47 dis , eandem cum ipfo.
\4 t habentis bafim & alticu-
< p dinem. ) .
* Nathr refolve prifina‘po-
lygonum ABCDEGHIKEF ip trigona prifma-
ta; & . Pyrdl!lldtm ABC‘DEH-in,:rigoms'Py-v.

" ramides. -* Erupt fingulz partes Jpriﬁuatis tri-

ple. fingularum partium pyramidis, b proinde.
totum prifma ABCDEGHIKF totius pyramis-
s ABEDEH triplum et Q. E, D,

-Hinc cauzlil)et'g ’35'

. Brogs.
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o Libeyr XTI. _ 7. 29
Lo bmepl WIIL G T
R b

‘E YLy v

A c a.
" SimAes pyramides ARCD, BFGH, quie trian--
gulares babent bafes ARC, EFG, intriplicata: funt
vatione bomojogorum icterem AC,EGe L,
- # Perficianitur - parallslepipeda ABICDMKL, 1, 5" sef. 11,
BFNGHQOP; qua >fmilia funr & pyrami- d 23.11.&
wuiti ABCD, EFGH *fextuplajeidedd; imea- 7.12.

_dem cum. ipfis ratiopve ad f¢ invicem, £ hoc eft id § *5- 5

thipficata botvotogoruen latéruth, @ Evp, | | 23
T .

_Hine, etiam fimiles polygcnae pyramides rari- -
onem -habene laterum homulogoram eriplica- -
tam ;3 ut facile probabitur-refolvendo s in ik -

TSt T .

gomsppradides,” © o LT L
Paom TX. 0 ° - 1
Vide Schema preced.
Agualium pyramidum ALCD , EFGH, ¢~
triangulares bafes ABC, EBG babentinm, vecipro--
cantier bafes; & altitudines. & quarum pyiamidum ! e

ariangidares bafes habentium yeciprocantus bafes & -
akieadines, ilbe (unt agqmalcs. . ‘

1. Hyp. Perfe@a parailclepipeda- ABICD--
MKL, EFNGHQOP zqualium pyramidum

e —

. ABCD, BFGH (duumque utriufque) * fexzu- a8iir &

N

pla funt, ac xqualia ideo inter fe , ergoaale. (HQ‘ 7- 13 ..
. ...

B

o RIS - T AT Fap GE TR T

T g

-

P . S
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b 34.11,
€ 15. 5

é '

¢ ?s"s

f jq.11.
_C 6 amts

a M)‘..l. bx-
- Juss & fob,
40, 1 K.

b 712,

"EVCLIDIS Elminti’
ak. (D) ¥:; ARG EFNG £ ABC. EFG:

H’p. Al (H)ale.(DJ4:: ABC. EFGe::
ABIC. EFNG. {ergd parallelepipeda ABIC-

BMKL , EENGHQOP zquantur; £ proinde. 1

& ynnudes ABCD, EPGH horum fubfextu-
plz pares funt, QE D.

Eadem pol mpymudxbmcmmm Ko be-
ad trigomss reduci pofient.

GCorell,. :

* Qua de pyamidibus demenfirata funt, Prop. 6,

8, 9. etiams coorventint quibsfcanque pri[matis, cim
beg tripla fint pyravidun casdem bafim & alsi--

tudinem #m. itaque 1. prifmatum gqud al-
terum cadem eft proportio, qu bafiom.

1. Similium . prilmatum proportio wiplicata.
eft proportionis laterum homolagorum.

3, AEqualia prifmaa reciprocant bafes & al-.
situdines, & quz reciprocant, funt zquales,

. Sahols .
 Ex halteaus. c{lemonﬁzus ehqsu dimenGe
rumcung; prifmatumn & pyramidum.
w Pufmazs Pfohdms producitur ex -altitudise.
in balim dutas b iraq; & pyramidis ex teriaals.
vitugdinis ganc duain be '

. Prory




. Zée XIE . 3ed
‘Pror, X. -

- Omnis conis tevlia £
dens camip[e baﬁx ABCD, ¢ altitudinem agua-
Lem.
/81 negas, prima (fylxndrustuplum conti fpe- ”;"fl s

cyl' i bibiogtis eans.

rer exceffa B. Prifma (uper quadratum circulo 5 eh. 7. 4

" ABCD inferipram * fubdu “ﬁm prifmatis fu- ¢-m 9 124

r quadratum eidem citculo circumriptum f-

& cylmdro ¢ alti. e 6pnﬁna fu "qua-
. dmtum ABC 2%(«0 indri fcm Rm. €0~

dech niede prifma fuper bafim AB8 cylindro z-

~-qué altum fegmentd cylindrici AFB “dimidio b ﬁ‘ 27, 34
- majus cft.’ Qontindenur bife®ia-arcuuin, & de- & 7. 3

. teahidntur priftmatay doneo fegmenta cylindri re-

:13&a,; nempe ad ,A.F, FB, &c.. minora evedant:

folidoE., Itaque cylin AF,FB &,

- (prifma ad bafin AFBG 1) majuseft, ¢ 5. ex.
- quim cylind. — B (4¢riplam coni). egd py- d

by.
ramis di&i prifmatis © pars tertia (2d candem ¢ ow 7.13»

. bafim’ fita, ejuldémque altitudinis) cono zqué
. alro/ad bafim ABCD. cisculum: manr oft, pus.,
-toto. Q. B: A.

Sin conus terti parte cylmdn ma)ordlcatur,

- fivdtidem excellus B, Ex cono detrahe pyranvi~:.
- des,. ut in priori parte prifmata ex cylindro, do

Acc ssfieas cani Jegmenia nhqm.mﬁﬂ
4. 3.8



3ez BEUCLIDIS Elmentorum:
BB, BG, &c. minora folide B, ergd con, —E
£hw  (f}cylindr.) = pyr. AFRGCHDI (con. —-
fegment, AF, FB, &c.); ergd prifina pyramidis
triplum ( ®qué altum fcilicer atque ad eandem
bagm) cylindro ad bafim ABCD majus eft, .
pars toto, Q. E. A. Quare fatendum eft, quod -
cylindrus triplo cono zquatur, Q. E. D
Pror. XL ..

Sub eadem dititudine exiffentes cylindriy: & con

' f

-ABEDK , EFGHM inter [¢ funt. e bafes

- ABCD, EFGH. : L ,
- . Sitcire. ABCD. circi BEGH :: con, :ABCw-
- . DK.N. Dico N=con,EFGHM. ... :

Nam § fieri poteft, fic N éon; BFEGHM,

: sitque "exceffus Q. Sgﬂti praparsdone , &

. arguméntatione przcedéntis § erit @ majus fe-

. tis conicis E P, PF, FQ, '&c. ideéque fo-

fidum N— ;yr. EPFQGRHSM. * Fiat ia cit-

: couii!ABCD ‘Bu{(d‘; Eolygonum ATBVCXDY.

) - Quia pyr. ABVYK: pyr. EFQSM b :: polyg.
,"'3'!; & ;Arnw».yoiyg.mFQS.c;::ci%AncDP.cim.
b 6.13. EFGH ¢ ::con. ABCDK. N. = esit pys..
c cor. 2,13, EPEQGRHSM = N. cdntra' modo-.dida,
d by ., Rurus dic N o= con..EFGHM :pone can.
€145 . EFGHM. O.:: Nv-con. ABCDK f:: citc.
EFGH. ABCD, s er.gs}.Qf.'Jx:on..ABCDli
o o o 994

e ——



" ~ Liber XIL 303
. “equod-abfurdum cft, ex oftenis in priori parte. £ by & in
.- Yraque potids dic, ABCD. EFGH :: con, veriewie
. ABCDK. EFGHM. Q. E. D. 45
Tdem demonftrabitur de cylindris, fi cono-
; tam, & pyramidum loco concipiantur cylindri T
¢ & pri{mara, ergo, &c.
A SCHOL. o
€x bis habetur dimenfie.cylindrarwn, & conarum -
querumcunque, Cylindri. reGz foliditas produ-
cirtur ex bafe circulari (*pro:cujus. dimenfione

arn }n,.'-

confulendus eft- Archimedes) du@®3-in altisudi- de dimeny; -
| nem, ¥ igitur & cujulcungs cylindric. - . e
‘ < 1taq; coni foliditas producitur ex.tertia par- ® 1 *3-
te.alritudinis du@a in bafim.. . Tc e
- ' Pror. X1I.. o

@ .
Similes comi & oylindyi ABCDK, EFGHM.
in tyiplicata yatione [(uat diamesrorsm TX , PR,
qua inbafibus ABCD, EFGH. :
Habeat ¢onus A.ad aligunod N rationem tri-
_plicatam T-X-ad PR, dico N =con. EFGHM:
Nam 6 figri potet , it N =y EFGHM 3, -
sitque exceflus O, ergd utin Prioribus, N=3-
-pyr. EPFQGRHSM. §int axes conorum 1K
LM, ad ducantirque re@2 VK, CK, VI, GI; R34 defins
& QM,GM, QL, GL, Quoniam coni fimiles 3 33 951"
Aune, # eft VIVIK:: QL. LM, anguliiverdic 6,6,
VIK, QUMb redifung. c ergdtrigona YIK,
o - Rda QLM



so. . EDCLIDIS EChmewtorsmr
d s M zquiangula funts dunde VC, VI :: QG
- %; :in’an*Vl;g!d\;K 2 QL-QM. ergd ecxmz-
€ 75 quali VC. VK :: Q@. QM. ¢ quinetiam V K.
: CK :: QM. MG. ergd rurfus ex zque VC.
fs.6 CK :: QG. GM. f ergd trianguls VKC,
QMG fimilia {unt; fimilique argumento religna
g 9-def. 11, hujus pyramidis triangula rdliquis illius. 8 quare
kb . 8.13, pyramides ipiz. fimiles funt. ® funt vetd hae in
k 4 6. triplicata ratione VC 2d QG , *hocelt WY ad
115.3.0 RL, Ivel TX'ad PR. @ erzd Pyr. AIBVC-
n by & XDYK:P':.EPF%RHSM :: con.ABCDK.
e N.ounde pyr. BPEQGRHSM = N5 quod
Rurfus, dic N-c~con. EFGHM. fit con,
o Prisé BFGHM. O :: N. con ABCDK ©:: pyr.
et 1a, EPRM.ATCK P i GQ.VC rer :: PR,
P e | TIXter.veram O r3 ABCDK. quod mo-
£.14. 5.  do repugnare oftenfum eff. Proinde N-=con,
' - BFGHM. Q.E.D.

Quoniam verd quam proportionem habent
coni, candem quoque obtinent cylindri, eorum
tripli, habebit quoque cylindrus ad. cylindruin
.proportionem diametrorum in bafibs triplicatam,

X Prer, XIIT.

” Si cylindrus ABCD pls-

W me EF fecetur adverfis pla-
ms BC, ADpavallele: crit

D » cflindres AERD sl -
‘| lmdrem EBCF , i axis
E’Gladaxm}H. S
Produ@o age , * fume

GK =GIL, & HL =IH
=LM. & concipe per
pun@a K, L, M plana du-

© ci circulis AD, £C paral-
lela. b ergd cylind. ED=
cyl. AN. &yl ECP =
BO.L= OP. itague cylin- '

' drug

\ .

Q)

AYAYAVAY

X



. . Libe XI1L. . 36§

: (bus BN cylindri ED 2qué mulsiplex eft, ac

. axis 1K axis IG, pariterg; cylindrus FP zque
uluplcx eft cylindei BF, ac axis IM axis IH. .

» prout verd IK=, ., =1 IM, ¢fic cylindr, € 11.72, }

i EN=, =, = Fp.d erga cyl AEI-'D cyl. 4 s.ur

s EBCF: GLIH, QE.D

~ T Pror. XIV,
¥ - Super aqmalibus baf-
DGR bus AB, CD exiftentes
‘ ¢oxi AEB, CFD, oy
' lindri AH, CK, igfer

4'1) B K f‘fwltutaltdlld‘w ME,
‘J @ Produ&u cylmdm
pe D Ha, & axe EM, fume

ML = EN; & per
pun&um L ducatur planum bali AB aralle- .
lum. 2erit cyl, AP=CK. >atqui cyl. AH. '1'3 ::
Ap. (CK)::ME.ML (NF) QE D. "
Idem de conjs ¢ lmdrorum fubtriplis dz&ngn *,4“,5, P
) yutac * n;:é%1 e prifmatis & pyramidibus. &7

Pror. XV. :
Equglinm conarii BAC,
EDF , & clindroiwun
H, Eszpmmrbr
&y 0‘ altmdﬂm (BC
EF :: MD. LA): &
qwm conorum, & glm—
 drorpm vecipracantyr I}ifes
(9- dtisudines 5 il funt
®qua’es. ’
Si altitudines pares fint , “etiam bafes pares
erunt , & res clara eft. Sin altitudines finti im-
parés, auferMO = LA. b :otﬁl:.
1. Hyp. Eftque MD. MO (® LA) 2::cyl. ¢ pyy.
EK (<BH) B.Q'} s¢ cire. BC. EF. QE D.d 11, 13,
Ddgs 2 Hyp.
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e by 'z.H]p.,BC.El“!:: DM.OM (LA )f::
f1i.13. €yl EK. EQs:: BC. EF * :: BH. EQ .
185 % Brgo cylind. EK = BH. Q.E. P\ .

k ;‘ ';f" Simili argumento utere de conis.
Pror. XVI, -
) 18 Duobus civculis AB-

My CG.DEFcircaidem
centrum M. exiflenti-
bus, in majori crrcul
G ABCGpuyzonum «-
1 quilaterum, @ pavinm
laterwm  infcribere
quod non tangat mi-
. nerem circulum DEF,
: ) Per centrun M
extendatur re®a AC fecans circulum DEF in
2 3.3, . F. ex quo erige perpendicularem FH. ?*Bifeca
. femicirculum ABC, ejisque femiffem AC, arg; |
L.2% i3 continud,b donec arcus IC miinor evadat ar=
“cu HC, ab I demirte perpendicularem IL. Li-
- * quet arcum IC totum circulum’ metiri, nume-
rimque arcuum ¢ffe parem, adeSque fubtenfam
£ /. 16. 4 IC Jatus effe < polygoni infcriptibilis, quod cir-
d oo 16, 3, Culum DEF minime continget. Nam HG
e 28.1.  9Scangic cicculum DEF; ¢ cui parallelaef IK, |
€ 34.def.1, “exerique fita, f quare IK circulum non tangk, |
-multéque magis CI, CK, & reliqua polygoni
“laters,longilis A cénero-diftantia circulum DEF
“non tangunt. Q, B.F, Coroll, Nota, quod |
*" 1K non tangit circulam DEE. .

L. m!‘
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- Pror. XVIL '

., Duabus_[phevis ABCV , EFGH circa idem

| tentrum D exifientibms, in majori fjhara ABCV. CRRY

. folidum polyedrums infcribere, quod nen targat fuper-  © -

" ficiem minoves fﬁb:m EFGH.. I

. Sccentur amba (phzrz plano percentrum fa- . ;. -

" ciente circulos EFGH, :ABCV, ducantirque & & !

" diametri AC, BV fecantes perpendiculariter,

* Circulo ABCV *infcribatur polygonum zqui- 5:4¢, 12; >
laterum VMLNC , &c. circulum EFGH mi~ :

. nimé tangens. du&td diametro Na, ere@ique
DO re&id ad planum ABC, per DO, pérg; dia-

" metros 'AC, Na erigi concipiantur plana e
DOC, DON, qua ad cieculum ABCV brefa b8 s
erunt, ideSque jn fuperficic fphaere < quadrantes ¢ cor, 33.6; * .

o Dd 4 effici~
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44 efhicient DOC, DON. ig quibus 4 aptentut
re&z CP, PQ, QR, RO, NS, ST, Ty, 20

ipfis CN,NL &t. pares, & 2qué muleze. Inr-

liguis quadrantibus OL, OM, &c,-inque t03
fphazra eadem conftruitio fiat. Dico fa&um.

A ’pundtis P, S ad planum ABCV demitte
perpendiculares PX, $Y, ¢ qu in feftiones ACj

§ 31 Na cadent. Quoniam igitir tam fabguli re@i
H ;7:;: PXC, SYN, squim PCX SNY* zqualibus

B 321 - PCX,SNY bzquiangula funt. Cum igitur PC
k conftr. k= SN, letiam PX'=SY, & XC=YN;
1261  mquareDX =DY, » er%? DX. XC ::PY.
m 3. 4% X YN. ergd pargllelz funt YX, NC. quia ve:d
:7.“ PXx. SY pares, & ciim ¢idem plano ApCV re-
p &, &8z, etiam P parallelz funr , 9 crunt Y,
q 31 SP ctiam parés & parallele. rergd,SP,NC
r 911,  inter fe paraliele funt. ergd ¢ quadrilaterum
£f7.11,  NCPS, cidémque ratione SPQT, TQRG,
fed & * triangulum 9RO totidé (ant plana. fo-

CA demmodo tata fphzra ejulmodi quadrilateris, &
triangulis replera’ offendetur. quare infcripum
eft polyedrum.

u 111 A centro D *duc DZ reGtusm plano NCPS;

& junge ZN, ZC, ZS,ZP. Quoniam DN.
% 4.6 NC x:: DY, YX; et NC 7 Yx (SP); pa-
Y 14 5. ritér?ue 5P o= TQ, & TQ - 9R. Erquia
z 3.d¢f. 11, anguli DZC, DZN,;DZS, DZP, = refti funt,
a 15.def. 1, latera verd DC, DN, DS, DP 2 zqualia, &
b 47. 1. DZ commune, *erunt ZC, ZN, ZS, ZP =-
quales inter fe; proinde circa quadrilatersm

c¢ 15. defi 1. NC P8 < defcribi poteft circulus, in quo (ob
d conft.  N$§,NC, CP4 zquales, & NC c45?) NC
§ 383 ¢ plusquam quadsantem fubtendic, fergotang.
¥ ZC ad centrum obtufuselt, 8 crgd o
£t  32CqfZCqu ZNq). SitNIad ACno-
k'9.ax. 8. ‘malis, ergé cim ang, ADN (2 DNG &

s DCN) fit Xobsulus, Lerik femifis. cjus Dggi ,

peripheriis infiftentes, € pares funt, trianguls

-—
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rolti femiffe majors proptereique eo minoreft
reliquus ére@o ang, CNI. #unde INc*IC.
ergd NCq(NIg4+ICq) ° =2 IN? itag5 o 4o 1.

IN — ZC, & confequenter DZ P~ DI atquip 47.1. ¢
' pun&tum I eft 1 extra (phzram EFGH . ergd g or. 16.13.
: pun@um Z potiori jure eft extra ipfam. adeoqs
( Planum NCPS$ ( cujus * proxinfun centro pun~r 47.’1,
> &um eft Z) fphzram EFGH non contingit. Bt
" fi ad plemumr SPQT demitcatur perpendiculatis

- D&, punéum I, adedqué & planum SPQT
" "adhuc ulterids 3 cemtro clongatur, idémque eft =

+ deé reliquis polyedri planis. ergd polyedrum
> ORQPCN &c. mjox?i {phzrz jofcriptum,mis

norem non coutingit. Q. E.Fu” .

: Corell, ‘ o
Hinc fequitar, Si in quavis alia [phava deferi
batur folidum polyedrum m pradicto folide poby-
-edre, propertienem polyedvi inuna [pheva ad pelys-
drum in atera effe triplisatam ejus, quam babens
[Pberarum diamerti.
M am £ ex centris (pherarum adomnes angu-
Los bafium diftorum polyedrorum reét linex
- dicantur, diftribuentur polyedra in pyramides
numero zquales & fimiles, quarum homologa
Jatera fune {emidiametri fpherarum, ut conftat,
£ inelligatur harum fphaerarum “minor intra
majorem circa idem centrum defcripta. congru- -
-ent enim fibi mutud linez re@z du@» A centre
{phaera ad bafium angulos, ob fimilitudinem ba«
um, acpropterea pyramides efficientur fimiles.
Quare ciim fingul2 pyramides in un#{phaers, ad
.fingulas pyramides illis fimiles in altera fphaera
# habeam progartioncm triplicatam laterum ho- , . ¢ 15
mologosum, hoc eft, femidiametrorum (phara- ‘
rum: fint autem ® ut una pyramis ad unam pyra-
nridem, itd omnes pyramides, hoc eft, folidum
- polyedrum ex his compofitups; ad omnes pyra~’
T . : midesy

b 12, Se
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mides, id eft, ad (olidum polyedrum ex illis con-
ftirutum; habebit quoq; polyedrum univs (phae-
rz ad polyedrum altesius [phere proportionem
¢ 15.5.  triplicaam femidiametrorum, ¢ atque aded diae
metrorum. o

Paor, X\f 1L

HO

Spbare BAC, EDF funt in triplicata raione
Juarum diametrorums BC, EF. -
" Sit fphzra BAC ad fphzram G in triplicara.
* ratione diamerri BC ad diametrum EF. Dico
- G —EDF. Nam fi fieri poteft it G— EDF,
& cogita fpharam G concentricam effe ipG EDF
@ 17.13. Sphzrz EDF ? polyedrum fphzram G non
tangens, {pharzque BAC fimilepolyedrum in-
b eor. 112, feribatur, ® Hasc polyedra fung in triplicata rade
€ by one diametrorum BC, EF, © id of, [phars
d 145, BAC 4d G. ¢ Proinde fphzra G major eft po-
"?*  lyedro fphafe EDF infcripto,pats toro,
“Rurfus, fi fieri poteft, fit fphera G .~ EDF,
_ Sitque ut fphzra EDF ad aliam {pheram H, itd
¢ byp.isverfc Gad BAC, ¢ hoc eft in triplicara raione dia-
£ 14.5,  metri EF ad BCjcamigitur BAC £ =1, ine
currimus  ablurditatem priorfs partis, Quis
potivs fphzra G=EDF, Q. E.D.

B A

' Hinc, ut fphera ad fphzram , itd eft polye-.
drum in illa defcriptum ad polyedrum fimile is
hac defcriptum, - - LIk

B e £ o EO
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‘ Prer. L

Ny [ rella lima z fecundnm extreman
' RA & mediam rationem fecetur (2. a
] \: B :: 3. ¢ ), majus fegmenium 2 affu-

Oy W mens dimidium tetius T , quinty~
- ‘C}’ “ plm poteft ejus, quqdid:n{tdiatﬁ
U tins 'z deferibitur, quadrati,
- Dico Q. 2 -
L e~ wi1=5Qr,
12 Z A E  3zthoce b 3 ek 12
- A ~p £2L 4 C 3, 3, ,

va—2z 4% 71. *vel 2d £2a=22, Nam d‘by‘p. &
- — y o — o€ by ' — -1 . .
2¢ 4 23 ¢ =22, R I¢ 4523, Sergo a2 < ra= [ ¢ -k
. ZZe Q_E- D.
Prer, 1L

Lo 8%,
s Sk refia linea 522 [ ipfins fegmenti 32
' quintuplum paffit 5 duple precicli fegmenti (2)
: extremd ac medii vatione [elta majus [egmentum
" eft a,reliqua pars ejus que a principio velle § 12,
.  Dico z.#::a.e. Nam quia per hyp.*aa ¥4z
. A aen=nafupvdasazuiz= i Th
. %e .- ZB. P exit 33576 £ QUARE Z. 832G g 17, 6,
Q.'E. Dc . . v i -
_ Vid.fig. praced.
" Pror. 1IL v
B Si refta linea 2 fecundim extremam ac mediam -
5 vationem fecetut (2. ::2.€) 5 minks fogmentnm .
e affumens dimidiam majoris fegments a, quintu= .
plum poteft ejus, quod & dimidia majoris [egmenti &
defcribitur, quadrats, -
Dico Q: ey 22 -
e L7\ =5Qia “hocefta 4. 2
/ et €€ v % aaca—aal 3 |
AN A E —+Laa, byeleerca b’;’”'& ,
=a, Nameerat=ued=a, QE.D. wme -
: ‘ ' - Pror,

‘2

Ten W
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Prop¥. 1IV.

8i recta lineaz fecundim egivemam ac medim
ationem feceswr (z.a:aie ), qued & tota iy

\

)

addque & minori [igmente  wtrague fimul qui-

ratay tripla [unt ejus, quad & majori fegemento a
deferibitur, quadvasi, o T
. Dio Tr_w €e=
A 42 /E\ 3 2247 vel aaiee
~ —— 2 pee=3 aa;
o A B . Namae_pee b=
; 3-3. e c— g3, dergd a2 Lp 2 3¢ & CCI= 3 A

17.6,

s QED '
PR,OP. lV- ’ N
D A ¢ B _ Sirellalinz AB
- ] 1 Secubdun extremam

& median vitionem
[ecetur in C, apponatiivque e AD aquals majers
ﬁ:gmjuo' AC; tetarela linea DB [ecundim ex~
tremam ac mediam rationems fecatwr, & majus fe-
gmentum cft quie i principioveltalin:a AB.
o Nam quia AB.AD?:: AC, CB, inverten=
' déque AD. AB:: CB, AC, crit componende
DB.AB :: AB'AC. (AD): QE.D,
Pror, VI
c B Sireflalinea vas
“temmem tionalis AB extremd
. ac pdid ratione [e-
eesur in Cs utrimigue fegmentorum ( AC, CB)
. reationalis eft linea, que votatur apotome,
® 3.1 Majori {egmento-AC 2adde AD =1 AR;
br 1. Begd DCq=5 DAq, erg¢ D€ DA,
d ;,',,,.' proinde ciim AB, *ideSque ejus femiffis DA
¢ fib.13.10: fint §, etiam DC eft §. Quia verd g. r::non.
f 9. 1o Q.Q.feft DC'T1 DA. sergo DC-AD, id
e eACef Zpotome. Infuper quia ACq*= 4B
k 58,10, xBC.& ABeft §, ketiam BC eft “aporome.
. QE.D. AR Paer,

.- . Loew T

D

o

-

L
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= A
* ) .

5 8% pemagoni agquilaters ABCDE trés anguli,

y frve quideinceps EAB, ABC, BCD, ffue EAB,

' BCD, CDE qui non ‘grmcept fint, cq‘Audle: fue-

) vint, & m:agtdwnem' um pentagopmm ABCDE,

! Pariaus einceps angulis fubtendantur rede

+ BB, AC,BD. _

. Quoniam latera EA, AB,BC , CD, angu-

+' lique inclufi® gquantur,® crunt bafes BE, AC, a by,
s BD,cangulique AEB, ABE,BAC, BCA pa- b 4. 1. ™
!l tes. dquare BFE=FA, &¢projnde FC=FE. § g’f"""
" orgo triangula FCD, FED fibi mutud zqui- ¢ 3 4.
latera funts funde ang, FCD=FED, S proin- f §, 4.

de ang. AED = BCD. Eodem paltoang:CDE § 3 ax't
reliquis 2quatur. quare pentagonum zquian-

gulum eft. Q. E. D. :

j Sin anguli EAB, BCD, CDE, qui nonde-

,  inceps, fatuantur pares b exit ang, AEB=BDC. b 4.

; & BE=BD, * idedque ang. BED.== BDE; k.t

¢ 1totus preinde ang, AED==CDE, ergdproprer 13, ux. 4
', angulos A,E,D deinceps zquales, 6t prikg, :
" .pentagonum gquiangulum erit. Q. E.D.

Eeg Pros,
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Al
- . Pregp: VIIL !
A_ Si pentagoni aquiltteri |
. & equianguli ABCDB
dues angulos BCD, CDE,
qui deinceps fint, fubtendant
tefte linem BD, CE: bhe
extremi. ac medid vatione
f¢ mutnd fecant, & majora
Apfarum fegmenta BE , vet
EF aqualia funt pentagoni lateri BC. .
: 2 14.4. - Circa pentagonum * defcribe circulum ABD, |
; b 28.3.  bArcus ED=BC, ©ergd ang. FCD—FDC,
€273 e ang. BFC =2FCD (FCDAEDC). |
d 3% piqui arcus BAEP=2 ED, preinde ang, l
§3%%  BCF<=2 FCD =BFC. f quarc BF=2C.
o Q. E.D. Porrd quia triangula BCD, FCD
¢ zquiangula funt,berit BD. DC. (BF ) :: CD,

———l—

7.3,
4.6 (BE) E D, paritérque EC, EF ::EF. FC
QE.D. ‘
Pror. 1X.
Si bexagoni latus BE, &~
decagoni AB in codem cir-
cule ABC defeviptorsm com-

ponantuy 5 tota reifa linea
"AE extremé ac medid vati-
one fecatur,( AE.BE :: BE.
AB.) & majus ejxs [egmen-
tum eft bexagoni latus BE.
% el Duc diametrum ADC,

jumge re&tas DB, DE. Quoniamang, BDC
: b” & == 4 BDA, éftque ang. BDC * :gz DBA
bszr. (DAB.-+DBA), erit DBA (®*BDE+BED)
€ 7 ax. 1. ¢z 32 BDA 4= 2 BDE.proinde ang, DBA, vel
f 5- I © DABe¢z= ADE. Itaque trigona ADE, ADB
. fas  =quiangula funt, f quare AE. AD. ( #BE).
" g er 15.4.:: ACo(BE) AB, QE.D."

coioll,
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(L XTIL 31§
S t .
e - ‘"’”’ : " "'
. Hinc, fi-latus hexagoni alicujus circuli fcdéS
tur extremd ac medid ratione; majus illius (e
gmentum eritlatus decagoni ejuldem circulis

PROP. X!

§: in cirewlo ABCE pentagonum aquilaterum
ABCDE defiribatur 5 pentagoni latus AB poteft. 3
& bexagoni lapws ¥ B, & decagoni imtus A, in
eodem civcwlo defcriptorum, :

Duc diametrum AG. Bifeca srcum AH inK,

"< Et duc FK,FH, FB, BH,HM. 213 ¢

Semicirc. AG —arc, AC *=AG 4D, } ;’; &
hoc eft,arc. CG=GD*>*=AH=HB. ergé ,, 3;,'
arc. BCG= 2 BHK; ¢ ade6que ang. BFG=2 ¢ 33. 6.
BFK. 4 fed ang. BEG= 2BAG. ¢crgd’ang, d 20.3.
BEK = BAG. Trigona igitur BFM, FABf - £ |- % fe
quiangula funt. ¢ quare AB.BF :: BF.BM. o ,'¢.°
bergd AB x BM = BFq. Rurfusang. AFK k= § 17. 6,
HFK; & FA=FH; = quare AL =LH, =& k 27. 3. .}
anguli FL.4, FLH parcs ac proinderecti funt, ™ -1+
ergo anz, LHM » =L 4M n=HB4. Trigo- o 317 ,3_' i
na iz'wut AHB, AM{1 © ®quiangula fuat,? qua- p 4, 6,
T T T Re e

[,

L3
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«q 17, 6,

Tz 2.2,
if 3. ax.

. 4 Buc diamenum uﬂ cui yerpcndxcularem

" EUCLIDIS Elemintoran

1e AB. AH :: AH. AM 1ergé ABx AM=
+4Hgq. Quum igitur ABqr=ABx BM— 4B
% 4M, fenit ABq=BFq—+AHq. Q.E. D,

('mﬂ
1, Hmc,hnea re&a, ( EK) que excentrd
(r)arCum empiam { H.A ) bifecat, etiam
retam ( HA xlh arcul fubtenfam bxfecat, ad

angulos reQos,

2, Diameter circuli ( .AG) ex angulo qu
-vis(4) pentagoni duQabifecat & arcum (C g_
- quem latus penragoni illi angulo oppofitum ful

tendit, & latus xplnm (Co opyoﬁtum, idqug
ad angulos roftos. '

- Sche!.

Hic,ut WS, praxim tradewus
s e s i

; . ’ ‘Problema.
' D

Trverire laws pestagoni civcule ADB inforie
. bends.




" Pponatuc

- Esber XTIV 3y
CD ez centro C erige. Bifees CB in E, Fac
JEF=ED. Erit DF pentagoni latus.

- Nam BFx FC +ECq.*=EFqQ®*=EDq 3 ¢ 3.

“¢z= DCq + ECqéergd BF x FC =DCq; ve 2 :;",—'*":‘
BCq. ¢ quare BF:BC :: BC. FC. &gd quum g 3 oy,
BC fit latpshexagoni, £ erit FC larus decage- ¢17. 6.
ni. proinde DFt=,/ BCq 4 FCq,seft latus £ 5. 13.
pentagoni. Q.E.F, o A € 10,13,

h 472 10
Pror., XI.

Si in  cireulo .
ABCD vationecm
babente  diametvm .
E AG, pentagonuma~
| quilalei ABCDE®
defiiibaturs pentago=-

Y #i latus AB irpario-

nalis eft linea , gua -
vocatuy minor, .

' - G - Duc 'diametrum

BEH, redtisque AT, AH; & * fac FL =} 13- * 10.6.5.
dii FH; & CM =} CA.

Ob angulos AKE, A1C3 re@tos, & commu- 3 cor 16.53.3.
nem. CAl, trigona AKF, AIC®quiangula b 33.1.
funt; cergo CLFK<::CA.FA(FB)4:: § 4 o
CM. FL. ergd -permutando . FK.FL :: CL, ¢ '35~
CM4::CD.CK (2 CM).: ©componendo ¢ 18. ..
igitur CD-<CK.CK :: KL, FL.. € proinde f 21 6..
Q: CD+EK. (85 CKg I):‘ CKq::KLgq. g 313
ELq:‘,zrgd KLg=+s FLy. Taque i BH (5 ).
seeit RH,\45 FL.1,& FLq.5.BL,

s. & BLlq, 15. KLq,5. & quibus liquet-BL,

& KL eﬂgei"g., kjdebque BK efic ‘Apoto~ h g.-v0.
‘men 3 cojus congruens KL clim verd BLq — }‘ A
KLq= 30;lerit BL ‘0. / BLg—KLq. ®un- 70 8 6.
e BK ecrit apotome quarta, Quonism igitur &:17.6.

- ABq "= HExBK, » erit AB'midor Q. B. D, o5 .5, .

~

¢ Eeg . Prop.
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' Pror. XIIL S

Siincircyle ABRC
triangulum  equilate-

wli latus AB po-
tenua triplusm eft ejus
line AD, qua ex D>

C centro civeuls ducitur.
< Protra&i diametro
ad E, duc BE. Quo-
mam arcus BE * =
RE&, arcus BE fexta oft pars circumferentiz,
b cor. 15. 4. iergo BE =DBE. hinc AE] =4 DEq (4
S ‘;7" BEq) ¢=ABq.—+ BEq (4 ADq). ¢ proin

€ 3.4x L deABg—-.?ADq QE.D..

Corolls

‘1. AEq. ABq::14.3
£or8 6 . 2 ABJ. AFq:ii4.3. ‘NamABq ABqg:
C & a6, AEq. ABg.
g cr. 15.4. 3. DESFE. Nam tuang EBDqum];.
b cor3. 3. terum cﬁl,;&BF ad ED perpendicularis,» esgd

EF=F
4. HchF—DE...-DF—- 3 DF,

znor. XIII.

a er. 10, 13'

':.{
A c B

Pyramides EGFI mﬁnm,évdm
Compledti; & demonfirare quid [phara dumef

l
|

rwn ABC defevibatuy,
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AB potentic fit [efquialteca laserss EF ip)iws py-
ramidis EGE 1. : "
. Circa AB deferibe femicirculum ADB.
3 sitque AC = 2 CB. ex pun&o C erige per- , 10.6,
pendicularem CD; & junge AD, DB. Tum
radio HE = CD defcribe circulum HEFG;
cui ® infcribe triangulum zquilaterum EFG. b ¢or. 13. 4
ex H cerige ITH = CA re@tum plano EFG. ¢ 12.11.
produc TH ad K5 4itd ut IK — AB, retasque d 3.1,
adjunge 1E, IF , IG. erit EFGI pyramis expe«
tita. .

Nam quia anguli ACD, 1HE , IHF, THG
e reftifunt; & CO, HE, HF,HG ¢ pares, ©4:q; o ,om..
IH =AC;feruat AD, 15,1F,1G 2qualesin- £ 41 «.
ter fe. Quiaverd AC. (2 CB) CB8:r ACa. § 20.60 |
€Daq. erit ACq= 2. CDq. jtaqué ABq V=
ACQ 4+ CDq'=3CDq=3 HEqQ*=EFy h 2. ar,.
lergd AD, EF, 1E, IF, IG pares [unt, ade- k 12. 15

~ Oque pyramis EFG1 eft zquilatera. Qa6d flraex

pun&um C fuper H collocetur, & AC fuper
HI, reCtz AB, TH mcongruent, utpote 2qua- ¢ 40
les. quare femicirculus ADB axi AB, vel IK

. circamdultus ® tranfbit pes pun@ta, E, F, G, 15, 4ef 1.

¥ adedque pyramis EFG] [pheere inlcripea erit, * 31, defixs.
liquet vero efle BAq. ADq © ::BA, ACP:2 o cor 8 6,
3. 2. QE D, . p enfh,
- Corollaiia.

1. ABq. HEq:: 9.2. Nam fi ABqponatur
9, erit ACq (EFQ) 6. 4proinde HEq erit 2. /q 11,135 )

2. AB.LC:: 6. 1. Nam fi AB ponatur 6 '
erit AL, 3; * ideSque AC 45 quare LCeerit 1)y consty; =
Hinc - ‘

3. AB. HI::6. 4:: 3. 2, unde-

4. 4ABq.Hlq: 9. 4.,

Ec4  Prom



32 EUCLIDIS Elmentorum

' Prop. XIV. !
L - Oftaedrum K-

' EFGDL confli-
G tuere , ¢~ dati

[phari compielti,

qQui & pyrami-

dems & demox~

Prare, quid [phae~
£ 1e diameter AYL

potentia ft dupla
) _ lateris AC ipfins

' Octaedri,

Circa AR deferibe femicirculom 4CH., ex
centro B erige perpendicularem BC. duc AC,
a.46:v.  HC, Super ED = AC*fac quadratum €FGD,

cvjus diametri DF, EG fecantes in centro I ex
b 12,72, Y duc IL == 4B ® re@am plano EFGD., produe
€ Il YL, ¢ donec IK =1L, Connexis KE, KF,
XG,KD,LE,LF, LG, LD; erit KEFGDL
oftaedrum quafitum,

Nam 4B, BH, FI, IE, &c, ®zqualium qua-
dratorun femidiametri aquales funt inter fe
dquare triangulorum reGtangulorm L1E,LIF,
FIE, &c. bales LF, LE, FE, &c, ®quantur.

roinde ofo triangula LFE, LFG, LGD,
.DE, KEF, KFG, KGD, KDE zquilatera
4 27. defat. funt, e atque oacdrum conflituunt, quod {phaee
ra cujus centrum I, radius IL, vel 4B inlcribi
conftr. otef. (quoniam AB, IL,IF, IK, &c. f zqua-
s funt) Q.E. F. porrd, liquet 4Hq, (LKq)

_g4pt.  $=24Cq(2LDy). Q.ED,

Covellaria.

1. Hinc manifeflum eft | in OQaedro tres
diametros EG, FD, LK fe mutud ad angulos
refos fecare in centro {pharee. .

2. Ivem,tria plana EFGD, LEKG, LYKD
effe quadrata, fe mutuod ad angulos reQos ft-

&gantia,
; " 3. O&a

-

digte
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o _ 3. O&aedrum dividitar in duas gramidc'sm
fimiles & ®quales EFGDL, & EFGDK, qua~

- rum bafis commiunis eft quadratum EEGD.

4. Deniqae , bafes oftacdri oppofit intér fe 15, 11.-.
parallelze funt.

- Propr. XV.~ .. .
. M, ; Cubum EF- -
GHIKLM .

! comflitucyey & .
< [phard somple- -

.‘ﬁ s qHé O -
prioves ficpras;

E Tl e

BN © quoa [prave
A o : diameter - 4B
~ _ _ porwntid fr tr;’p’d lateris EF ipfius cubi, »
.. Super 4B defcribe femicirculum A4CB; & -

3 fac AB==3 DA, ex D erige perpendiculacem a 106, -
DC, &Tu;nge BCac AC.lngn:P}upcr EF—
A€ Y conftruc quadratum EFGH, cujus planob 46. 2.4, 7 |
re@ e inGftant EI, FK, HM, GL ipi EF pa- -
res, quas connefteretis IK, KL, LM, IM. So- -
- lidum EFGHIKLM cubus eft; ut fatis conftar -
exconftru&tione, . ‘ .
In quadratis ‘oppofiris EFKI, HGLM duc :
diametros EK, F1, HL, MG , perquasduéirn ¢
lana EKLH , FIMG fe intetfecent in refta
Q. Hec diametros cubi EL, FM, GI,HK X
< bifecahitin P, ceatro cubi. 4 ergd P centrum € ®r. 39772 7.
erit (phacz per punta cubi angularia tranfeun- i ;: d‘(}f I
tis. Porrd ELq ¢=BKq 4 KLqe=3 KLq, ¢ 47.1. «
fyel 3 ACq. atqui ABq. ACq 5:: BA, ‘DA £ canpin?
£:13.3, bergd AB=EL. Quare. cubum.fcci-ﬁ cor. 8.6, 5
mos)) &Ke. Q. E.F. - 145 >
well. . .
1. Hin¢, omnes diametr! cubi Inter fe 2qus- -
Yes! funt, feséque mutud in centro fphxrz bifex -
cant. Eidénque tatiofie re@®z ux quadrato- -
sum.oppofitornm tentra conjungunt, bifecantut *
i!“fm; B

vdemcentio, + ~ Be§ s 2 D
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k4.1,
1 a3.04.
m 5. 13.

‘EVCLIDIS Elmentosts
2. Diameter (phiera poteft lacus tetraedsi, &
cubi, nempe ABq*=!BCq-=ACq.

Pror. XVIL

" Icofaedvum ZGHIK F-

YVXRST - conflituere
& [phard completi, qud
& antedillas figuras , &
demonfirare , quod icofa~
odsi latus ¥ G irrationalis

eft linca, que vocasir mi-

. nor.

Super AB diametrum

 fphaerz defcribe femicir-
culum ADB; & facAB |

= ¢ BC, ex C cerige

. pormalem €D, & duc

AD, ac BD. Ad inter-

vallum EF = BD de- |

Kcibe cigeuld EEENG)

-
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beui infcribe pentagonum zquilaterum FKTHG b 11. 4.

Bifeca arcus FG, GH &c. ac conne&e reéias

FL, LG, &c. latera nempe’ decagoni. Tunc

cerige EQ, LR, MS,NT, OV, PX ipli EF ¢ 13.11¢
zquales, reCtasque plano FKNG. & coaneite
RS,ST, TV, VX, XR; item FX, FR, GR,

GS, HS, ST,HT, IT, IV, KV, KX. De-

nique produtd EQfume QY =FL; & EZ.

= FL; re&tasqueduciconcipe ZG, ZH, Z1,.
ZK,ZF;ac YV, YX, YR, YS, YT, Dico fae

Eum. o .

Nam ob EQ, LR, MS§,NT, OV, PX d 2= d' confins
quales © & parallelas; etiam quae ilias jungunt, ¢ 6- 12+ |
EL, QR,EM, QS,EN,QT, EO, QV,EP,.

QX f pares & parallele {unt, Iteraideo LM € 33.1.

"(vel FG), RS, MN, ST, &c, 2quales funt ip~

ter fe. 8ergo planum per EL, EM &c. plano g 55, 15.7 1
per QR, QS, &c., zquidiftans, ¥ & circulus h 1. def, 3,4
QXRSTV ¢ centro Q, circuloEPLMNO -
qualis eft;arque RST VX cft pentagonum  Juix

* laterum. Duci verd intelleitis EF, EG, EH,.

&c. ac Qx, QR, QS, &c. quia FRQ *=Fk 47 x
FLq «+ LRq !velEFq == FGq, n crunt TR, lgeosite.

'FG, adedque omnes RS, FG, FR,RG, G3, ™ 20 13-

n fch. 48. 1.

GH, &c, ®quales inter {e. Proinde 1o triangu- g7 4

la RFX, RFG, RGS, &c. zquilatera funt & _
2qualia. Rurfus ob ang, XQYe: re€tum-, crit o cor 14.11.
XYq P= QXq + QYq q = VXq vel FGq. P :;:3
quare XY, VX, hisque fimiliter YV , YT, Y5, 4.7 1%
YR, ZG, ZH, &c. zquanturs Ergd alia de~
cem wrigona conflituta {unt @quilatera, & -
qualia tam fibi mutuo, quim decem privribuss;
ac proinde faCtum eft Icofaedrum.

Porro, bife@i EQin a,duc rettus « F, aX;.
aV; & proper QX '=QVy & commune latus 5 . &if 1.
2Q, angulosqs EQX, EQVreftos; ferit aX = 4.1,
aV, fimilique, argumento omnes, #X, 2R, a3,

v &L, aV, aF, aG, al, al, aK zquantur.

Quo~,



Y 474 Ir

B

a3
b feb

-

'3+ etiam; proinde FG pentagoni, idémque Ico- -

Gedsi § larus, f ef minor, Q.E.D,

Coroll, .
1. ExdiRisinfertur, fphare diametrum effe .
ﬁotentii uintuplum femidiametri cireyli quing;
tera icofagdri ambientis, .
3, Irem manifeftum cft,: (phare .diametrum |
effe compofitam exlatere hexagoni, hoc eft; ex |
femidiameétro, 8 duobus lateribus decagoni ciz=

24  EUCLIDIS Elmesorsm
- 13, Quoniam autem ZQ, QB *:: QB, ZE, crit
1% Z2qe=g Baq '-:,BQ:;(E Fq)-.-li;q’ r=aFq.
ergé Zz = aF: pari pallo aF = Ya. ergl
2r3, cujus Centrum « radius «F per 12 pun-
gz icofaedri angularia transibit.

z 1. 8. Denique, quia Z«.aB : : ZY.QE; * idedqa.

8235 Zaq, aBq:: ZYq Q.Y erit ZYq=<y5 -

o s QEq,vel s BDg=:atqui ABy, BDgs<:: AB

direx, BU:iig 1, detgd ZY=AB. Q;E.F.

; ;b.n.lo.. Traque i AB'ponatur g,eerit EF=4/ ABq
l .

culi ambientis quinque Jatera icofaedri. -
3. Conftat denique latera icofaedri oppofita,
3.1,  <qualiafunt RX,HI effe

’ allela, Nam Rx‘ -
Sog L LRl HE

)

Pror;.

1

{

e T
§ " hd Pa b s bt s foy Pyt g = -~ S .



‘Tiber X111
Pror. XVIL

) S LY

g

A'o

Didecaedrum mﬁitme & [Ybard complelti
qud & pradiftas fouras; ’(9- ~demonfivare, qui:i

dodecasdri laus RS irvationalis eft linea, qua voci- .

Luy apoteme. .

Sit ABcubus-datz (phar2 infcriptus, cujus |
Jatera omnia bifecentur inpun&tis E,H, F, G, .
K,L, &c. reGzque adjungantur KL , MH,

HG, EF. * Fac HLIQ: : IQ.QH;. & fume 3 30,6,

NO, NP pares ipfi IQ,. Brige OR, PS re&as
plano DB, & QT planoc AC, sintque OR,, PS,

QT ipflis IQ,NO,NP-zquales. Connexis DR;,
RS,SC,CT, DT erit DRSCT wn:lfonum ;
.o&

Dodecaedri expetiti. Nam duc NV pa

& protradi NV.ad occurfum gum cubicentro '
X, conne@le re@ss DS, DO, DP,.CR, CP,3 47- 1.

3HV,HT,RX, Quia DOq? = DKQ (*KNy) b 7" 4= %

“« KO3 = 3 ONq(3 ORq) 4 s DRq4d 47,14,
Ef. =4y



326
€ 4

£ confir, 9.6.
1t
33,10
9. 1.
kK 7.1t
k sonfir.

16.11.
m 33.6.

n-i. & 2,11

o3 13
p 47" 1o -
q 1.4x2,
& 4.13.

T 43,
fi.1

T 15. 713,
u L aXe ¥
x 29,1,
x 37. 1.

a4 13
b a5 13,

EVCLIDIS Elwintornm

= ¢4 ORqe=0Pg, v¢| RSq. ergo DR=R.S.
Simili argumento DR, RS, SC, CT, TP pa~
ses fune. Quiz verd OR f= § & panall. PSS,
8 crunt RS, OP, & hconfequenter RS, DC et-
izm parallelz; b ergS hz cum fuis cenjungenti-
bus DK,CS, VH in uno {unt plano. quineriam
quia HI. 1Q k:: 1Q (TQ).QH*: : HN.

NV; & tam TQ, HN, quam QH, NV* re—~

&2 cidem plano, ! adeoq; & parallelz exiftant,
m erit THV reQa linea, » ergd Trapezium
DRST, & rriang. DTS in uno (uat plano per
re@tas DC, TV exenfo. ergd DTCSR eft
pentagonum, & quidem 2quilaterum ex antedi-
&is. Porrd,quia PK. KN :: KN. Np; &
DSqr»=DPq+DPSq (PNQ) =? DKq-+PKq
- NPq, seritDSq=DKq~+3 KNq=4 DKq
(4 DHq ) '=DCq. ergé DS =DC; unde tri-
gona DKS, DCT fibi mutuo quilatera funt.
Tergd ang. DRS = DTC; & eodem palto ang.
CSR = DCT. ergo pentagonum DTCSR
etiam zquiangulom ¢ft. Ad hze, quia AX,DX,
CX &c funt cubi femidiametri, terit XN =
IH, vel KN, vadedq; XV == KP,unde ob angu-
lum*re@um RV X, 2 erit RXq=XVq +RVq.
(NPq ) = KPq «+ NPq*=3 KNq*=
Axq,vel DXg &c. ergd RX, AX, DX, & ca-
dem ratione XS XT, AX 2quales furt inter fe,
Et {i cidem methodo, qué conftru&um eft pen-

- tagonum DT CSR, fabricentur 1a fimilia pen-

e conlir.

d 15.5.

€ 15.13.

£ feh.13, 10,
864

tagona tangentia duodecim cubsi latera, ea Do
decacdrum conftituent;.ac per corum punfta an-
gularia transiens fphera,cujus radius AX,uel RX
Dodecaedrum completietar, Q, B. F.
- . Denique, quia KNLNO ¢: ; NO. OK ¢
erit KL, OP :: OP, OK — PL. Iaquefi
fpherz diameter AB ponatur 3, erie KLe =/
AB:fetiam 5. #unde OP, vél RS latus dodeca-
3 edriapatome erit. Q. E. B.. .
. . o guiol..



&e AL, Denique© fac AF. AO: : AO. OF-

'8 larus Hexaedri.

Liber X111 335
Coroll. -

1. Hinc, fi latus cubi fecetur evtrem3 J2¢ me-
4i4 ratione, majus fegmentum erit latus dodeca~

. #dri in eadem {phzra defcripti.

2. Sire@zlinex fe&tx extremi ac medii ra-
tione, minus fegmentum Gt latus dodecaedri,ma«

- jus fegmentum erit latus cubi ejufdem (phare.

3. Liquet ctiam latus cubi zquale effe linee

 reQ fubtendenti angulum pentagoni dodecae~
@ri cddem fphard comprehenfi. :

Pror. XVIIL

Laitya quing;
& fighrainm ex
ponere, & in-
ter fe compara=
re.

Sit AB dia-
meter (phzre,
ac AEB femi-
circulus, sftq;
AC*=1AB g, yo.1.
& AD *=1}b 10.6.
AB.Erige per-
A XKD ¢ 1\ P pendiculares
CE, DF, &
BG = AB.junge AF, AE,BE, BF,CGex H
demitte perpendicularem HI, & fumptd CK =
CI, ex K erige perpendicularem KL , & conge-

o
Ttaque 3.29:: AB, BDe:: Agpg. BFq,la- 3%

ws Tetraedri.. & 2.:::*ABAC:: ABq.BEq d conﬁ;. .
f fatus O&aedri. ;ur. . €.
Item 3. 1. 4:: AB. AD ¢:: ABg. AFq. 1145-.’}1133..

nitr.
Raré quia AF.AQ b AQ. OF. _‘:’3 K criagn 13

-~



38 EUCLIDIS . Blementorum- -
14.6..  AO lars Dodecaedri. denique BG (2 BC)«
4.

m 4.5, BCI::HL IC, ®mergd HI=2CI *»=K".

n-cmfirs cogd. Hiq * = 4 C?q. proindée CHq? =5

o4 3  Clg.1ergd ABq=7 KIq. *iraque KT, vel HL
: f;': 5. ¢t radius circuli circumicribentis. pentagonum
r oor. 16.13. icofaedri, & AK, vel1B r cft latus decagoni ei-
f1e.13.  dem circlo inferipti; unde AL eric latus pem-
$ 16, 1% t30eni, t idémque: Icofacdri latus. Bx quibus Li—

quex BF, BE, AF efle . &AL, AOcfle g,
"9.; arque BF & BE; & BB - AF; ac AF
wié..  AO.Quia verd 3 AFqQ=iABq" =5 KLq.ac
244t AFxAO - AFxOF, xideoque AF x AO
Y., =+ AFXxOFC 1 AFxOF, 7 hoceft AFq
sazt.! £22A0Qq ait3 AFq (5 KLq) c 6 AOL
proinde KL .= AO; & fortins AL —~ AO.

Jam verd ur hac latera numeris exprimamus,

Si A B ponatur 4/ 60, erit ex jam di&is ad calcu-

lum exalis.BF =4/ 40. & BE =4/ 20. & AF

= #/20.item AL =4/; 30— 4/ 1%0 (nam

CAK =4/ 15 —4/3. & KL (HI) = 4/ 12)

denique AQO =y ; 30 = ¢/ 500 (4 25 =

) R

SEHOL, .




. . Liber XIIL 32
SCHOL. ' |

Prater jam ditfas figuras sullam dav pge: foav
" vam folidam regularem (sempe guee figuris o=
dinatis & aqualibus mriueaturz _admodum per/pi-
ouum eft. Nam ad anguli folidi conflitutionem )
requituntur ad minimum tres anguli planis 2 hig; 2 21. 11
omnes fimul 4 re&tis minares effe debent, b At. b Vid. fikel,
" qui 6 anguli trigoni 2quilateri,4 quadratici, & * "

3 hexagonici figillatim 4 feGos exzquant; qua.
' tuor verd pentagonici,3 heptagonici,3 o&agoni-
i ci,&c.4 re@os excedunt.ergd élummodo X34y
. vel § triangulis 2quilateris , ex 3 quadratis , vel
« 3 pentagonis effici poteft aninlus folidus, Pre-
. inde prater quingue pradifta, nulla exiftere

: - poffunt corpora regularia.

Ex P. Herigomis.
. Propartionss [phara, & § fourarum regularitem
eidem inferiprarur. :
Sit diameter fpharz 2 , Erunt -
Area circali majoris, 6. | 28318.
_ Superficics cisculi majoris, 3 | 14159,
‘Supesficies (phzree, 1256637,
" Soliditas fpharz, 4 L1879,

Eatus tetraedri, 162299,
Ef 3 Latus .



RO

Soliditas do;ie-cacdri, 5@5 16.

Superficies Icofaedri, 9 |'L74§4.' ‘

EVCLIDIS Elemntorsm
Superficies tetraedri, 4 &88;
Soliditas tctra‘géri, o)ryr3 z';

Latus bezaedsi, 1] 1547, |

Superficies hexaedri, 8.
Solidi:as hexacdn', 15396

Latus o&aedn, t [41421,
Superﬁcxes o&acdn, 6 9282,
Soliditas oaedri, 1 ]33333.

Latus dodecaedri, 0 | 7136 4.
Saperficies dodecaedri, xo L5146z,

Latus Icofaedri, x.w_u,s. :

Soliditas Teofaedri, 2 | 53615

Qui
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Rujd ff ex charta conficiantur quinque figwra
®quilatere & equiangule fimiles his, que funt in
\ Jubjecta figura ;s compenensier quingue figure [oli=
. de, firire complicentur.
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LIB, XIV.
Prer. I..

. - goni eidem
sirculo inferipts latus BC
ducstur  perpendicularis
+ DF, dimidis eft-ut-
. Maue linem fimuly & late-
LA v bexagoni DE, &~ lae-
visslecagoni EC eidem circulo ABC infvipti.,
‘Sume FG = FE, & duc CG. 2 Eftque CE
= CG. ergd ang. CGE b = CEG ».—= ECD.
ergd ang, ECG ‘= EDC ¢= 1 ADC =
LCED (}ECD). proinde ang. GCD =
BCG=EDC.tquare DG=GC (CE). a-
gd DF =CE (DG) .+ EF = DB _ CE.
Q.E. -3

rmi II:

. Si bine relle Lnta

A G B € A3, Dk catremi «
D HFE F medsd vatione [ecewsr

. . (AB.AG1AG.G8.

gy DE. !?(1;1 2 DH. HE) ipfe fimiliter fecabus-
5 i eafdem [cilicet tioues. (AG.- GB i

DL HES feilicer propertioues. (£

Accipe BC =BG} & EF =EH. Eftpe
ABxBG *= AGq. quare ACq b= 4 ABG:
-+ AGq ¢ = § AGJ. Similiter erit DFq =
$:DHq, dergd AG.AG:: DF. DH, compo-
nendo igitur AC 4 AG.AGs: DF g;{l.




B A oo B

iww LMN, eidem [phara infcriptorim,
‘Sitque IK diameter fphzrz,? & IKq= 5 Ovq, § ¥7;,

‘Lhber XIVY 33
PH. hoceft 2 AB, AG:: 2 DE,DH, ®pro-¢ 24 5.

. inde AB. AG :: DE.DH. unde f dividendo £ '7-5-

AG.GB :: DH.HE. QE.D.

~PropsTIL -

e <

_ Xdem civenlas ABD comprebendit & Dodecae- .
dri penta ABCDE , ¢ Icofacdri triangu~
a fb. 47,3,
Duc dismetrum AG, reQisque AC, CG. .2 3e. f'

b fidrque OP. OQ_:: OQ. QP. Quia ACq ¢ 10.13.
+ CGq ‘==AGqié=4 FGq; &ABq=f1,&kiLa,
FG%-»CG . ferit ACq-s-ABZt:.' § FGq. £ 3. 13-
porrd, quia CA,ABe:: AB. CA — AB; ac |2 "%
OP.0Q ::0Q. QP. *ideSque €A. OP :: k116,845,
AB. OQ. *erit 3 ACq (11Kq). 5§ OPq I 15.13.
(=IKq):: 3 ABq. 5 OQqg ergd 3 ABq= g confir
OQq. Verdm ob ML * latus pentagoni circue B ¢ 1613
lo infcripti, cujus radius OP, erunt 15 RMq ; 10, :33
*=$MLq? = 4 OPq «+ 5§ OQg =* 3-q 15 5. -
ACq «+ 3 ABq *= 15 FGq. fergd RM * Prik.

= FG, fprojnde cicc; ABD =¢irc. LMN. L 1, a% 1

Prop,



b 41,1,
€ 15.5.
d &iax.
€ 17.3.
f 41.1.
‘18, §e
164 134

EUCLIDIS Elementorim
* ‘PROP- 1V,

Si ex F cemtre civculi pestagomum dodecaedi
ABCDE circumfcribentis ducatur perpendicularis
FG ad pentagoni wmim latus CD; Evit quod fub
dicto lateve CD , & perpendiculari R G compre-
benditur reétangulum tvigefies fumptum , icofacdri
[uperficici mquale, item, :

. St ex centvo L civenwli triangulum icofaedri HIK

- givcumfcribentis , perpendicularis LM ducalur od

grianguli -waum latus YUK, evit quod fib dicto late-

ve HK 3 & perpendiculari LM comprebenditvr

velkangulm trigefies [umptum, icofaedri fuperfiiiti
uale.

Duc'FA, EB, FC, FD, FE. * Exant trian
gula CED, DFE, RFA, AFB, BFC 2qualia.
atqui CDXFG b= 2 triang. CFD. ergé 30
CDxGFe=60 CFDé=12 pentag. ABCDER=
fuperf, dodecaedri, Q. E.D. : .

“Duc LI, LH,LK. éftque HK x LM f=:
triang. LHK. ergé 30 HKxLM $ =60 HLK

=20 HIK® = fuperfic. icofaedri. Q. E. P,

) Coroll, ,
" CDxFG.HKxLM k:: fuperfic.dodecaed. a8
Topedicofacdrl,

Prop,

et ——
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Prop. V.

Superficies dodeca=
edri ad [uperficiem
icofaedri in eadem
[Phara deferipti ean-
dem propertionems ha-
bet,quam Y latus cu=
bi ad AD latusico

facedri.

Circalus ABCD
3 circumicribat tam 3 3,140 | ¢
dodecaedri pentago= '

Wum, quim icofaedri triangulum 3. quorum la-
»  tera BD, AD;ad qua demittantur ex E centro
§  perpendiculares EF, EGC. & conne&a-
¢ tur CD.

Quoniam EC 4. CD. EC b :: EC.CD.erit § g, 13,
EG (<3 EC4+CD). EF. (2 EC)¢:EF, c 1.14. °
EG-EF (1 CD).aqui H. gD¢::BD.Hi d cor12.13¢
BD.¢ergd H.BD :: EG. EF. proinde Hx EF ¢ 153 3
+  =BDx EG.quum igitur H. ADb:: Hx EF. o ,, ,47 *
. ADxEF. erit H.AD :: BDx EG, ADXEF h 1.6.

. 2: Uuperfic, dedecacdsi ad fuperfic, icofacdri, k 7.5.

- Q.E.D, e T - 1 coro 4344

>
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4 15.5.
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EVICLIDIS Elemestorsm
Pror, VI,

Si refalinea AB
Jectrur extvemd ac
medid ratione 5 it
ut relta BF potems
id, quod i teta ABy
O id qued & majws

gmento AC ad e~
&am E, potentem id
quod & tora AB,¢
id qued & minori
- . Jegments BCs id
Satus cubi BG ad latus icofaedrs BK cidem (pha-
ya cum cubo inferipti. - .
Circulo, cujus femidismerer AB, infcribantur
dodecaedri pentagonum BFGHI, & icofaedsi
triangulum BKL.  quare BG latus cubi erit ¢i-
dem %phzrz infcriptl, igitur BKqP=3 ARq3
& Eq¢=3 ACq.crgd BKq, Bq ¢:: ABq.ACq
¢ :: BGq. BFq permutando igitur BGq. BKq :2
BFq. Eq. funde BG, BK :: BF.E. Q.E.De

Pror. VII,

Dadecacdrum eft ad Icofacdrum, ut cubi latws ad -

latus Icofaedri, in una cadémqus (phara infcripti.
Quoniam ? idem circulus comprehendit & do-
decaedri pentagonum & icofaedri triangulum,
b erunt perpendiculares i gentro fphzra ad pla-
na pentagoni & trianguli dultz inter fe 2qua-
les. itaque fi dodecaedrum & icofacdrum Intel-

ligantur effe divifa in pyramides , dulis retls -

2 centro_ fpheree ad omnes angulos , omnium
pyramidum altitudines erunt inter fe zquales.
um igitur pyramides 2qué alt © fintut bafes,
& fuperficies dodecaedri fit zqualis 12 penta-
goais ;' fuperficies yerd _ise.f?szr_i 2 @ns“'i;‘s
S

P - S |
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erit dodecaedrum ad icofaedrum, ut fuperficies -
dodecacdri ad fuperficiem lcqfaedri,dhoc cft,ux @ 5. 14

latus cubi ad [atus icofzedri,

. Pror. VIIL
B

peT——

_Idemciven= .
s BCDE
comprebendit
&~ cuti- qua-

& oftaedri Lyi~
angulis FGH,
ejufdews Sphaia -

Sis A diameter (phzr2, Quoniam Aq® =3 a r5.a3.:
BCq b= 6 BIy; itémque Aq ¢ = 2 GFq.b47.1. .

€ 14 13

4= 6 KFo; erit BI = KF, ¢ ergd circulus g ,; ;27

CBED=GFH, QE.D, .

ag

A € audef 3.

LIR:
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- LIB, XV.

Pro®», . L

NF N, dato cubo ABGHDCFE pye
YN ramidem AGRC defecribere.

N§ Ab angulo C duc dismetros:

4 CA, C6,CE; Eisque connelte
N diametris AG, GE, EA. He
omnes inter fe 2 2quales funt, ut~
¢ xqualium quadratorum diametri. ergd triv

angula CAG, CGE, CEA, BEAG. zquxiatera.
. funt, ac zqualia: proinde AGEC cft pyramis, -
b 31 df.az, que cubi angulis infiftis, eique idcirco ® inferis
biwe, QEE

a +7. 'lq

SR

.

- Prep,




Liker XV I 1o

Proe. 1L

. In data pyramide
- ABDC oitacdium

" EGKIFH deferibere.

3 Bifeca- larera pyra- 5 10, 1.
midis in pua&tis E, I, i
: F ,&K, G,H guz con-

; - ———2 nefte 12 .relis EF,

B SO D FG,GE &c. Hzom-~-

nes b zquales funt inter fe, -proinde 8 triangulab 4. 1v
EHI, IHK, &c, 2quilgtera funt & 2qualiaade- -
6que conftityunt © o&tacdrum 41n data pyramide ¢ “a7.defi1:

‘v deferiptum, Q.E. F.’ d 31, def 1w
j 0 - Prer. IIL -
boOART T
\ D NE
‘B' 3B -
L
c

. I dao-tabi € HG BDEF-A- ollacdrn
NPQSOR - deferibere.
*Conne&te quadratorum™centra N,PQ,5,0,x ¢ 4,
X, 12 retis NP, PQ; QS &c. qua.zqualiay , 4.
funt inter fe, idedque 8 triangula efficiunt zqui-
latgra & zqualia. proinde b inferipram e cubo y, 3y, 8oy,
® Qétaedrum NPQSOR:: Q. E.F, def. 31,
e “Gg2- | Pro®:
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Pror. IV,

] . Indato Oftaedro AB+

CDEF aduns inferivere.
.. Lasera pyramidis E-
D ABCD , cujus bafis.
- quadratum ABCD, bi-

" fecentur retis LMMN.
NO,OL;que * zque-
les funt; &bparallel® la~
teribus quadcati ABCD-

¢ cergd quadrilaterum L-
MNO: eft: quadratum.
Bodem modo, fi latera
¥ quaditi LMNO-biie-
centur in pun&@is G, H; K, I, & conneQantur
GH,HK KLIG erit GHKI quadrarum. Quod:
£.eadem arte in reliquis § pyramidibus ottaedri:
eenitra triangplorum se&is conjungantur, defcri-
bentur - quadrata fimilia & xqualia quadrato.
GHKI. quare fex.hujufmodi quadrata cubum .
conftituent, qui quidem intra o&taedrum deferi-

4131, def.11. prus erit , deum ofto ejus anguli tangant ofto .

eftacdsi bales in carom ceousis, Q E, Fy




Lider XF¥. S V1

PKO 2, V.

Indato Ycofuedio O acdrum inferibere.

Sit ABCDEF pyramis_ Icofaedri , Cujus
bafis pentagonum ABCDB ;:centra-autem tri- *§. 4.
angulorum G, H,I, K, L; que con-
ne@antur redtis GH , HI, 1K, KL, LG.
Eric GHIKL: pentagonum dodecaedri infcsis
bendi. :
* Nam rele EM, FN, FO; FP, FQ ,
per centra triangulorum _tranfeuntes 2 bife- 5 o, 3, 3;
cant bafes. b ergo re@a MN, NOjy QP,, 4
PQ, QM- zquales funt inter fe. quinetiam-
M, EN, FO; FRy FQ ¢ pares f“’“‘“c .
d:ergd anguli MFN , NEO, OFP, .. "
PFQ , QFM aquentur. pentagonum jgi- ¢ %%
tur GHIKL zquiangulum .eft; ¢proinde &, , ,
+ zquilaterum, cim FG, FB, F1, FK,FLf pares ¢ 13,13,
fint, Quéd G eAdem arte in reliquis undecim
pyramidibus icqfaedriycentra triangulorum re- .
&is lincis coapeQantur, defcribentur pentagona
2qualia & fimjlia pentagono GHIKL. quam~.
obgem. 12 hujulmodi G]:entagona dodecacdrum

§.3% canfliy.



8435 EvCLIDIS Elementoram &c.
conftituent; quod quidem in icofaedro eric de=
feriptum, cum viginti anguli dodecaedriin cen-
teis viginti bafium jcofaedri confiftant. Qua-
propter in dato icofacdro dedecaedrum deferiphi- -
mus, Q.E.E.

e




