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N obilifsimss o Generofifsimis
C T Adolefeentibus

D™ Epvarpo CeciLIo,
18ufbrif]. Comitis Sarisburienfis Filios
Do FOHANN] KNATCHBUL,

' . Ex. :
D. FRANCIS. WILLOUGHBY,

ARMIGERIS,

B & Nicuique veftrim ( Optimi Adole-
b 9@ fcentes ) tantum me debere reputo,
_ ), quantum homo homini debere po-
F2IoX5&, telt. Med enim fententid, ultra fin--
cerum amorem non eft qudd quifpiam de alio-
bene mereri poffit.- Hunc autem jamdiu eft quo
ex fingulari veftrd bonitate mihi indultum expe-
rior , ejiisque fenfus intimis animi medullis in-
harens , ipfi ardens ftudium impreffit ,. quovis-
honefto modo reciprocos affectus prodendi.
Quandoquidem vero ea fortunfrum mearum te-
nuitas , ea veftrarum amplicudo exiftit, ut nec:
ego alid qud gratx alicujus agnitionis fignifi-- -
catione uti queam , nec vos aliam admittere ve--
litis, eapropter haud iltibenter hanc occafionem
arripio , honoris & benevolentix , quibus vus-

A.3 . profequor,




Epiftola Dedicatoria.
profequor, publicum hoc & durabile umuasuvoy
edendi  Etfi cim oblati anathematis exilitatem,
& libellum veftris nominibus confecratum quim
is longé infra veftrorum meritorum dignitatern
fubfidat, attentitis confidero, timor fubindé ali- -
quis & dubitatio animum inceffant, né hoc ftu-
dium erga vos meum vobis dehoneftamento fit
potitis , qudm ornamento ; fcilicet memor cim
1im, ut male caufe, {ic & mali libri patrocinium
in patroni contumeliam magis quim in glorigm
cedere. Sed quum veftrarum virtutum id robur,
eam fore foliditatem recognofcerem , qua ve-
ftrum decus, meo quantumvis labefa&ato, inw
concuflum fuftinere poffint, idcirco non dubita-
vi vo0s in aliquatenus commune mecum pericu-

bym induere. Vigrpeesillas intelligo, quibus ne-

am in veffra ztate , autin vefiro ordi- -

© ™25, Taltem me judice, majores deprehendit, qua

vos infigniter gratos omnibus & amabiles red-
dunt, eximiam modeftiam, {obrietatem, benigni-
tatem animi, morum comitatem , prudentiam,
magnanimitatem, fidem; praclaram infuper in-
genii indolem, que vos ad omnem ingenuam
fcientiam non tantum excellenti captu, fed &
appetitu forti ac fincero inftruxit. Quas veftras
prcariffiimas dotes prout nemo eft fortafiis,
qui me melits novit , aut pro confuetudine,
quam jamdudum vobifcum dulciflimam coluiffe
ex veftro favore mihi contigit, penititis introfpe-
xerit, itd nemo eft, qui impenfis miratur, & fu-
fpicit ; aut qui ipfas libentius pradicare, ac bcele-
c : rare




Epiftola Dedicasoria.-

brare vellet , fi non ciim eloquii mei vires fuper-
grederentur ; tum etiam que in fingulis vobis e-
Jucent, prolixi alicujus commentarit, aut panegy-
ricx orationis libertatem, potius quim praftitu--
tas hujufmodi falutationibus anguftias, expofce--
rent. Quin potitis divinam clementiam imploro,
ut vos earundem virtutum fan&o tramitiinfifte-
re, atque hos egregios fruGus vernz veltrz xta-
tis felicibus incrementis maturefcere concedat;.
vitamque vobis in hoc feculo ingenuam , inne-
centem, jucundam , &in futoro beatameic fer -
piternam tranfigere largiatur. Minimé autem
dubito, né pro confueto veftro in me candere,,
hoc ultimum fortaffis, quod vobis prftare pc-
tero ,. benevolentiz erga vos & obfervantiz te--
ftimonium, alacriter accepturi fitis, -quod vobis.
propenfiffimo affectu offerc

Veftri in esernum amantiffimus,
& obfervantiffimus,
I. B.






~ Benevolo Lie
RZW L quid.in hc ewmentorsin
Ny editione prafiitum fit, [cire
WIIR defideras, amice Leltor, ax-
-3 cipe, progemio operss, krevi-
2er. eAd dwos pracipuc fimes covatus
weos divexs. Primum wi cwm reguifita
perfpicitase fummam demonfirationum
brevisatem conjungerens, quo eam li- -
bello wlem compararem., gua commwdy
wbfque molefiia circamferri poffer. Id
qued affecwens videor, f; abfentem Typo-
graphs cura non frufiretur. Concinnins
£8im quifpiam meliori ingenio , aut ma-
jori peritsa excellens, at nemo forfan bre~
vius plerdsgue propofitiones demonfira-
werst , prafertim cum in numero & or-
dine propofitionum spfe wihil immuti- .
xsm , wec licentiam mihi affumplerim
guamcungne  propofitionems Euclideam
procul ablegandi ranguam meinks necef~
Sariam, ant guafdam faciliores in axio- .
matwm ceufum refevendi , quod nonnwlls
fecerunt; inter quys peritiffimus Geome-
trns A. Tacquctis C guem ides etiam
-nommo. , (quod quadam ex eo de[umpta
-agnofcere honeflums duco ) poft cujus ele-
gavtiffimam cditionem, ipfe wikil arten-
- tare
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Ad Le&orém. L
tare volkiffem, fi non vifum fuiffet G-
&iffimo viro on niff ofto Euclidis libros
(wa 6urd aderfiatos.publico. communica-
ve, ‘veliquis [eptem , rangnam ad ele-
menta Gemmietrid -minis [pelkantibus.,
omnino guafi [bretis atgme pofthabitss.
CMibi anitem jam ab initio alia provin-
cia demandata fuit , non elementa Geo-
muetrie utcungue pro arbitrio confcriven-
di, vergm Euclidem ipfum, eimque to-
‘tum, quim poffem breviffime, demon-
Prandi. Quod enim quatwor libros [pe-
&ar, feptimam, offavnm, nonum, deci-
mum, quamvys illi ad Geometrie plane
G folide elementa, ut[ex pracedentes ,
ARy [ubfefuentes, mon tam prope per-
tineant , quod tamen ad ves Geometricas
admodum utiles fint tam proprer Arith=
metice & Geometria valde propingnam
cognationem, quam ob notitiam commen-
S[urabilinm & incommen(urabilinm ma-
gritndinum ad figurarum tam plana-
rm, quam folidarum apprimé nece([ari-.
am , nemo eff & peritiovibus Geometris
gwiignerar. Que ver in tribus witimis
librss continetur , § corporum reghlarie
#m mobilis contemplatio , illa non wifi n-
Juria pratermitti potwit , quando mempe
shine gratia moffer sorxdwns, Platonice
familiz philofophus, hoc elementorsm [y-
Rema aniver(um condidiffe perbibcmr:,
wii



Ad Le&torem.

wti-tefios eft * Proclus, ses verbis, "0 * Lib. 2,
dY X M UL soryeso o%s TIAG wege-
shorry oo W RaASpuOY LTVIEY Ty
wdmov aisumy. Praterea facile in ani-
mum indnxi nt opinarer, nemini barum
JSeientiarum amanti nom futurum effe
cordi , penes [¢habere integrum Encli-
dewm opus , guale paffim ab omnibus ci-
tatur, & celtbratur. Quare nullum. li-
brum, nullimqne propofitionem negligere
volui earum, qus apud P. Herigonium
habentur, cwus vefbigiss prefse infiftere
weceffe habui, guoniam ejufce libri fche-.
matifisss maxima ex Phrte ati [larntum
erat , quod previderem mibi ad nmovas

cferibendas tempus non. [uppetere , @fi
nonnunquam id facere preoptaffem. En-
dem de canfa nec alias plerdsque quam
Ewclideas demonftrativnes adhibere vo-.
lus , [uccinttiori forma expreffass wifs
forte in 2, ¢ 13, & parcé in7,8,9 li-
bris , ubi ab eo nonnshil defleCtere opera
pretium videbatur. Bona igitnr [pes eff
Jaltem in bac ‘parte cum noftris confilizs,
tum fFudioforum votis aliquo modo fatis-
faltum iri. Nam qhe adjelta [unt in
Scholiss problemata quedam ¢ theore-
mata, five ob fuum frequentem ufum ad
naturam elementavem accedentia, five ad
eorum, que fequuntur, expeditam demon-
{rationems condmcentia, [en qua regnla-

Hm -



‘ Ad Leorem.
rum prattice Geomeirie quarsndam pre-
cipuarum rationes innwunnt ad [uos fontes
Felatas, per ea, ut [pero, libellns nltra
zﬂiutm molem magnopere win intwme-
et. : .

Alter fcopus, ad quem collineatnm efp, .
ecrum defideriis confulust, qmi demon-
Jtrasionibus [ymbolicss potins quam ver=
balibus deleCtantwr. In quo gewere crum
plerigue apud nos Gulielmi Oughtredi
[ymbolis affucti fint, ea plernmgue nfnr-
pareconfultins duximus. Nam qni Eu-
clidem, hdc vid tradere & interpretars
. aggreffus fir, batlenns, quod ego ftiam,
prater unum P. Herigonum, repertus eff
nemo. CHins virs longe doltifsimi me-
thodns, [ane in multis egregia , ac ejns .
peculiari propofite admidum accommoda-
ta, duplici tamen defettn laborare mibi
- vifa tf. Primy, quod cum Propofitio-
num ad unins alicujns theorematis ant
problematis probationem addntlarsm, po-
frerior a priori non femper dependear ,
‘quando tamen sl inter fe coberent,guan-
do nom, nec ex ordine fingularnm, nec ullo
akio modo fat1s prompeé imnotefzere potef?,
Knde ob defeltum conjuntionnm, & adje-
Eivoram ergo, rurlus, ¢sc. non rary dif-
fiskiltas & dubitand; aceafio , prefertim
minnsexercitatis, inter legendum obori-
7ifolent. Deinde fape evenit, us predi-.
) &a




_ Ad LeGorem.
&a metbodus nimis frequenter fuperva.
caneas vepeitiones ‘effugere neqneat, 4
guibns deminfirationes eft ‘quando pro-

lixe, alignando & magis intricate eva- -

dunt. Quibns vitiis nofter modies facild
perverborum figmoriimquc - arbstrariam

mixturam medetur, Atque bac de opelle

bujus intentione & mthado diita [uffi-

ciant. Cateram gue in Inuders Mashe-
Jeos in genere , ans Geometvia spfins; O

que de biftoria barum [cientiaram , ide-

ogue de Buclide borum elementorum di-

geftore dici poffent, & veligua bujufmods

esweaid , eni bec placest, apnd alios

" interpretes confwlere poreft. Neqme wos *

angufbias temporis, quod huic operi im-

. pends porsst,mec. snterpellationes negotio-

rum , nec adjumensorwm ad hac findia
apud wos egeftatems, & qmedam alia, wt
liceret won immerito, in excufationens oba
‘tendemus, metw [Cilicet ivduili, ud hec
' moffra ommibus minks fatisfaciant. Ve
r4m gu.e ingensi Leoriy ufibus olabora~

vimus, eadem in folidum spfins cenfure

«c judicio fwbmittimns , probanda f; u-
_tilin fibi compererit, fin ommsno fecus,
rejicienday



Ad amicifimm Vium f. B. de *
Evc LIDE contrale .
A ” Bupnaaubs. '

ACtum bene! didicit Laconicé logai

Senex profundus, & aphorifimes tnduite
Immenfa dudum margo comment drii
Diagramma civcuit minutumsy itque Infida
Problemabreve natabas in vaflo mari.
Sed unda jams detumuit;, & gloffa arilior
Stringit Theoremata : minoris angule
Lateribus ecce totus Buclides jacet,

- Inclufus olim velut Homerus in nuce;
Pluteoque [arcina modo qui incabuit, levis
En fit mampulus. Pelle in exigua latet _
Ingens Mathéfis, matvis ut in utevo Hevcules

«In glande juemu, wvel Ithaca Eurus in pila.
Nec mole dum decrefcit, ufu fit minor,

 Ruinaultior jam evadit, & cumulatiis
Contratta prodeft erudita pagina. '
Sic ubere magis liguor & preflo-effluit;

Sic pleniori vafa inundat fanguinis
fu?:lzf;..

-~

Torvente cordis Syflole; fic

Pidcurrit agunr ex Abyle anguftisss
Tantilli opevis ars tanta vefevenda mnicé eft
BAROVIANO nominiy ac foleriie,
Sublimis euge mentis ingenium potens !

Cui invium nily arduum effe il folet.

Sic ufque pevgas profpero conamine,

" Radiusqne multum debeat ac abacws tibis
Sic crefcat indies fevacior feges,

Simili colonum germine affiduo beans.
Spesimen future meffis bic fiet iabor,
Magna'que fama illufiviabac preiudia,
Jwvenis dedit qui tanta; quid dabit fenex? -

Car., Robotham, C 'NT 4B,
90”- Tiikte Seth S



. In:novam Elementorum
" EUCLIDIS <
. Editionem,i D.1 5. BARROW,
Collegii SS. TR 1 R. Sogio,
. viro opt. & eruditiffimo
~ adornatam. " -

BE wigne Leclor | [; wfpiam anditum eff tibs,
AP Quansns tenelia Nz Geometres fiet ;
Lne mille radiss, mille Indst angnlis,
Totismque puro ducit Enclidem finis >
eAmabis nltrd candidifimum Virnms,

Csi plena nivimm o5t indyle. 55 fgd a8 fag;
Praclarns ardor mentis nrges Enthea;

Es nfque blandis temperat caloribus = *

2w [#avins nil vivit, & melins nibil.

Is, dum Liguentes petlore excutit nives,
Etinde, & inds [pargit, en aliam tibi,
LaChor benigne, ¢ nivibus Geometriam !

G.C. 4 .25



Notarem explicasio,
2qualitatem, '
majoritatem,
minoritatem., -
plus, vel addendum efle.

. minus, vel fubtrabendum efle. -

~ differentiam vel exceffum ;- iten quanti-
tates omnes, quz fequuatur, (ubtrahendas
effe, fignis non mutatis.

& multiplicationeni , vel du&um lateris re-
Ganguli in aliud latus.. - -

ldem denotat conjundtiv literarum ; wt},
AB=AxB. “{

i~

1Ednm
g ‘—-»_41___...-J

*feryius

« Latus, vel radicem quadrati, vel cubi, &c.
Q. & q quadratum, C. & ¢ cibum. - )
. Q. rationem quadrati numeri ad qua- J'
ratm numerum. ) Bl

Reliquas 5 que whicunqwe oscwrmnt, vocsulerum
abbrbaiatieses ipfe Leilor per fe facilé imtelliget; ex<
ceptis iss, quas tanquam NIRRS genetalis wsiis, [uis lo=
cis explicandas velspquimus. .

CANDIDELECTOR, Ruemisin bac editione atcu-
vanda multinm-opere infumplimus, cavers tamsesn wmming non poti-
it, ne irveperent opdruala * Duorum [umme fi fubducas ea
14 que incuvie Cr impariugiiati speranum, tum que Auteris ma-
wuferipto talame feflinante exitrato debentur; veliqua, fiqua modd
veStant, promofiris libenter agnofcimus. In usiverfum tamen, i
omnia nobis impuses, non iti multa funt, wt illorum nos admodum
pudeat ut ut equus Lector ea &, bomini difficulter iguofias -

Paucula bec, que temere aliquaties pagellas [parfims velegenti obiter
= xmeba;t,diligenteradmmwﬁmw (i placet, calamo emendes.

" <Pag.g. lin. 10.pro zquilaterz lege quadrilat. p. 33. 1.6, & 7.

| pro T pome =7 in dliquibus exempl. p. 21. defunt %umm 203

" Caf. Prop. 2¢» p. 168. L penult. pro Aq. lege AB. £ 31q. lads.
pro AC. LAD, p. 144.& 1450 Lib. VL. L Lib, VII. £ff .
& i 06Eav0 blibre ; : pro =, fed locum non meming.




1
LIB 1
- Definitiones.

D En IncGum eft cujus pars nulla eft,
) @ pd 1L Linca verd longitude
K4 laticndinis expers. ‘
& 111, Lincz autem termi-
§ ni funt punta,
1V. Refta linea eft, qux ex 2quo fua intere
jacee pundta. .
V. Superficies eft, qua longjtudinem, lati«
tudinémque tantiim haber, v
V 1. Superficiei autem extrema funt linee.
V 11 Plana fuperficigpeft, qua ex zquo fu-
as interjacet lineas, : '
VIII. Planus verd angulus eft, duarum line. -
arum in planofe mutud tangentium;, & non ia
direum jacentid alterius ad alteram inclinatio,
IX. Cim autem quz angulum continent
linez, re@a fuerint, reilineus ille angulus ap-
tug, ° - : .

o X. Cum vero re-
' &alinea CG fuper

-~ reQtam lineam A B
confiffens , eos qui
funt deinceps angu-

' ls CGA,CGB
A ] B aquales inter fe fece-!
(¢4 ' rit, teQus eft uterap

Zqualium 2ngulorum, & quz infiftit recta lince
C G, perpendicularis vocatur ¢jus (A B) cui
infiftic, y . )
Not. Cimplures anguli ad sumsm punium: (vt
ud G) exiftunt , defegnatur quilibet angalus tribs
“litevis , quarum medsa ad verticem eft illius de quo
Stur : ut angulus quem vebte CG, AG efficiimt

od paites A vocRINY CGA’B vl AGC. Obtufus
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T

EVCLIDIS Elementorsm .

/A XL Obsufus an~
gulus eft , qui reo
majoreft, ut ACB.

X 11. Acutus vero,

qui minor eft reo, ut
' ACD.
I D XII1L Terminus
‘ q \eﬁ 3 qu@i aliCu)us €X~
tremum eft.

X1IV. Figura cft ,.quz fubaliquo, vel ali-
quibus terminis comprehenditur.

X V. Circulus eft figura plana , fub una'li-
nea comprehenta, qua peripheria appellatur, ad
quam ab uno punéto eorum , quz intra fi
ram funt pofita, cadentes omnes reét linez in~

ter fe funt zquales.
B XV I Hoc ve-
6 pun&tum centrutni
«circuli appellatur.-

XV 11 Diame~
ter autem circuli eft
reta quedam linda
per centrum duéta,&

: . €x utraque parte in
girculi peripheriam terdffinata, qu circulum
bifariam fecat. '

X V 111, Semicirculus vero eft figura, quz
continetur fub diamgtro, & fub ealinea, qua de
circuli peripheria aufertur. )

In civewlo EABCD. E eff cemrumyAC diame-
ter, ABC femiciveulus.

X IX. Re&ilinew figurz funt , qua fub re-
&is lincis continentur. -

X X. Trilaterze quidem, qu fub tribus. .
. X X I. Quadrilsterz verd, que fub quattor,

X XT11. Multilaterz autem , que {ub plu-

ribos, qudm quatuor reQtis lineis comprehen-

guitur,
: XXTIL Tri-

]



Liber I,

‘laterarum _ autem. fie
gurarum , 2quilate-
.tum eft triangulum,
quod tria latera ha-
bet zqualia, ut trie
angulym A.

, X X1V.Xolceles
autem, quod duo tan-
tim 2qualia habet la-

. tess, uetiiangulum B,

X X V. Scales
Aum verd , quod tria
inzqualia habet late~
a,wt C. )

-

¢ XXVI Adhec
etiam trilaterartim f-
urarum , retangu-
um quidg :riangufum
eft , quod retum ad-
gulum habet , ut trie

/ um A.

blygonium autem 1 obwufum angulum
habet, ut B, > d - ’

e .
Ba XXVHIL -

XXII1 Tri

XVII Am<’

wi



EVC L 1p LS. Elementorum

. XX V1IL Oxy-

. goniumy verd , quod

tres habet acutos an-
gulod, ut C.

Figura zquiangu-

Ia eft, cujus omnes an-

uli inter fe zquaks

%unt. Duz vero fi-

. gurz 2quian; funt ; § finguli anguli unius
i?n%ﬁ;?ngﬁ:lteﬂu; fint a:g;luales. Similiter
de higuris zquilateris concipe.

€  XXIX. Qudi-
) L Jaterarum aut:n fi-
arum , quadratum
g:;dcm eft, quod &
aquilaterom , 8 re-
Qangulum eft , ut
ABCD.

B

D

A
B . @ XXX Alerdve
memmemme—l 13 parte longior figu-~
ra eft, qu reCtangu- -
: la quidem , at 2-.
quilatera non eft, ut’
A

L JE_ - 'ABCD.

XX X1. Rhom-

bus autem, quz -
quilatera, fed rectan~ .

gula ficn eft, ut A.

XXXIL




Liber 1. -

boides verd , que ad--
verfa & latera, & an-
gulos haBens inter fe
2quales, neque equi--
latera eft, neque re-

Qanguls, ut GLMH.

XX XIIL Pra-
ser has agrem reliqua

pezia appellentury. ut
G N JH. ~ -
A— e XXXITIL Pa-
) _ - ralldz  re@z linex
B - fiine; quz cim in ¢g-
«dem fint planio, & ex utraque parte in infinitun
producantur , in neutram £ibi mutud incidunt,
-t A,%&B.. - 7 -

M- . XXXV, Pira]-
lelogrammum eft -
gura quadrilatera,cy..
jus bina oppofita [a-
G : tera funt parallela,
YL L feu zquidiftantia , e
GLHM, .

verd in parallelo-
grammo A B C D di-
ameter A C du@ta fu-
erit, duzq; linez EF,
H 1, lateribus paral-
etz fecaptes diame-
E & “trum inune codémy;
puafo G, it ut paraliclogrammum ab hifce

B3 paralle-

X XXIT Rhom- -

aterz figura trz- ¢

'S

Dy

XXXV Cim -~



6

EUCLID]S Elementorim

parallelis in quatuor diftribuatur (garallqlog -
ma; appellantur duo illa D G, Ia quz
diameter npn tranfit, Complementa; duo verd
reliqua HE, FI, per quz diameter incedit,
circa diametrum confifkere dicuntar.
Problema eft , cim proponitsr aliquid effici~
endum.
Thcoremz eft, cim propowiur aliquid demor-~
frand .
Co:ollanum eft confeltavium, quod ¢ faifa
demwnfivatione tanguam lucrum diqued colli-

i
Lemma cft demonfiratio premiffe alicujus , ut
dmmﬁmm quafiti evadat brevior.

Pofinlata.

Oftuletur, ut & quovis pun&o ad quod-

vis pun&um reGtam lincam ducere con-
ecdatur,

2. Etre&am lineam terminitam in continu-

" umredi producere.

3. Item,quovis centro, & intervallo circulum
delcribere,

eAxiomata. o
U2 cidem zquaha & inter fe funt
qualia,

uwt A=t B= C.ergd A=t C, vel ergo
emnes A, B, C zquantur inter fe.
Nota, (um pluresa -auantitates boc modo conjun-
Ghas invenias, vs bujm axiomatis primam ultime &
uarslibet earum cuilibet mquari. SQuoin cafu [ape,
Zrewwu causd , ab bos axiomate citando abftine-
mus; etfs vis confecntionss ab es pendeat.
2. Etfi zthbus zqualia ad)e&a funt, tota
funt zqualia,
| N



Lier I. -

3. Etfi ab =qualibus zqualie-ablata. funr,
quz relinquuntur funt 2qualia. .

4. Etfiinzqualibus #qualia adjea fint, to-
ta {unt inzqualia. : .

5. Et fiab inzqualibus zqualia ablata fint,
reliqua funt inzqualia. L,

6. Et qua ejuldem vel 2qualium fynt dupli-
cia, interfe funt zqualia, Idem puta de eripli-
cibus, quadruplicibus, &c, -

7. Et qua ejuldem, vel 2qualium funt dimfs
dia, inter {e funt zqualia. Idem concipe de fuib-
triplis, fubquadruplis, &c.

8. Et quea fibi mutud congruunt, ea inter
fe funt qualia.

Hoc axioma in vellis lineis , & angulis valet
caverfum , fed non in figuris , nifi e Gmiles
Juerint.

Cateram, magnitudines congrucve dicuntur, qua-
Yum paites applicala partibus 5 agqualem vel eun= .
dem locum occupant, .

9. Ettotum {ui parte majus cft. )

to.' Duz reéte Yihez non habent unum &
idem fegmentum commune, .

- 11. Duz re@t2 in uno punéto concurrentes,
fi producantur amba , neccffarié fe mutud in
co pun&o interfecaburit, o

r2. Item omnes anguli re@i func inter fe

2quales,

>

- I D :
13.Et i in duasreQas lineas AD,CB altera re-
&a BA incidés,internos ad caldémg; partes an%u-

. . B4 0$
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EUCLIDIS Elementorim
Jos BAD, ABC duobus re&is minores faciat,
duz ille re@z linez in infinitum produ&z fibi
mutud incident ad eas partes , ubi funt anguli
duobus rectis minores. . .

14. Due reétz linex fpatium non compre-
hendunt., - - ' .

14. 9i xjualibus inequalia oljiciantur ,
_:rizI totorum exceflus adjun@orum exceffui 2~
qualis. . A

16. Siinzqualibus zqualia adjungantur, eric
sotorum excc&s exceflui corum, quz 3 princi-

. pio, xqualis,

17. Si ab zqualibus inzqualia demantur,
erit refiduorum exceflus, exceffui ablatorum 2-

 qualis.

-18, Siab inzqualibus 2qualia demantur, erit
refiduorum exceflus exceflui totorum zqualis.

19. Omne totum zquale eft omnibus {uis
partibus Gmul fumptis.

20, Si totum totius et duplum, & ablatum
ablati, erit & reliquum reliqui duplum. Idem
de reliquis multiplicibus intellige. .

Citationes insellige [ic.Ciim duo numeri occurrunt,
prior defignat propofstionem, pofSerior librum. Ut pec
4. t. intelligitur quarta propofitio primi- libri,
atque itd dereliquis. (ateram, ax. axioma, poft.
po;ulatym, def. definitionem, [cb. [cbolium , cor,
sorollarinm dessiant, &,
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Liber I. 9

LiB. I. N

.. Prow». L
o ) Upbrdatd veli li-
B.c E ned tem‘;iwéa ;

"B, triangulum aquils-
terum A CB confli-
suere.
Centris A & B, ¢o-
dem intervallo AB, -
“vel BA® defcribe duos 2 3 roff-
- . sirculosfe interfecan- ;) :l?f
_tesin pun&o C, ex quo ® ducretas CA, CB. d 4, 4r.
Brit AC *= AB ¢*==BC == AC. * Quare ¢2;. &r/.
" triangulum ACB eft zquilaterum. Quod Erat

Faciendum, o ~
- Scholium. -

Eodem modo fuper AR des"c’rib’eturjt’ﬁangi'u‘
“Yum Ifofceles , i intervalla @qualium’” circulo-
_ram majora famantur, vel mino:a,qgim AB.

Paor. IL v ot

| Ad datum punctum ‘A date-vefte ligge BC
_ egqualemyeltark lincam AG poncre, . ot
Centro C, jintervallo CB * deferibe circu- | fl'gﬁ'_
lum CBE.b Junge AC, fuper qua *factrian- ¢ 5. 1/

gulus 2 juilaterum ADC. 4 produc DC 2d E. d 2. pyft-
. B, centro
.. .
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o
}z‘ :uﬁr

klsa'tf
11 ex,

b r5. def;

c ok
dlﬂr

EOCLIDIS Elementorum

“centro D, fpatio DE, defcribe circulum DEH: - ‘

cujus circumferentiz occarrat DA ¢ protracta
ad G. Etit AG=CB,
Nam DGf=Dg, & DAs=DQ, quare
AGP'=CE*=BC!=AG. QE.F.
Pofitio pun&i A, intra vel extra datam B C,.
cafus variat, fed ubxqu: fimilis. eft conﬁm&xo,_
& demonﬁm:o.

Scholium. .

Poterat AG circino fumi, fed hocfacere nalfi.
poftulato refponder, ut bene innuit-Proclus..

Pror. 111,

Duabus. datis veitis
lineis Ast> BCde ma-
jore BC minori A. #-
qualem vcitam lincam

Ad pun&um Bpo-
ne re@am BD = A.
Circulus centro B,fpa— .
tio BD' deferiptus’ au~

fees BE®=, BD ¢ =A ¢ BE. QE. F..

Si~dwe.trisngs'a BAC, EDF dao laterz BA,

‘AQ‘ dwobus lateribus ED, DF equalia hdmwt

aerumqu: istique (hoc eft BA=ED, & AC -
RE) babeant. vevo angulum Ay augulo D- aquz--

)



- Liber 1.
lem , (ub equalibus vectis lineis contentum , &~ ba-
fim BC bafi B¥ aqualem babebunt s evitque tvi-
angulum BAC triangule BDF aquale , ac veli-
qus anguli B 5 C reliquis angulis B ; ¥ aquales
crunt , urergue wivi uz o fub quibus aqualia latra
[ubtenduntur.- R :
- 8i pun&tam. D pundto A applicetur, & reta
DE retz AB (uperponatur, cadet punélum'E
in B, quia DE2 = AB. Item re@a DF cader a by
in AC, quiaang. A ¥= D, Quinetiam pun-
&um F puncto C coincidet, quia AC* = DF:
Ergo reGtx BF, BC; cdm cofdem habeant ter-
minos , b congruent, & proinde zquales funt. b 14. &
uare triangula BAC, EDF; & anguli B, E;
itémqs anguli C, F etiam congruunt, &.a-
quantur, Qsod erat Demonftrandum,.  «

. Pror.. W«

A fofcclium triangelorum ABC
qus ad bifim funt anculi ABC,

ACBiater- fe {unt quales.

productis aqualibus vechs liness
¢, AB, g C qui [ub bafe funt an-

gele CBD ., BCE imterfe «--

quales evunt, " .
v *Accipe®AF = AD, &, ;4.
junge CDyac B F. bu pd
) Quoniam in triangulis <-bp.
ACD,ABF lunt ABc= AC,& AF ¢=AD, d confir..
anguldsq; A fommunis cerit ang. ABF== ACD; € 4 1+
- &ang, AFB¢=ADC, & bas. BF¢=DC(;
item FCf= DB. ergo’in wiangulis BE G, f 3 ax.
BDCseritang. FCE,==DBC. Q.ED. Trem § 43/
ideo ang. FBC = DCB. atqui ang. ABF b= ; P
ACD. ergo ang, ABC *==ACB. Q. E.D. **
(orollayium, O

. Hinc, Ounge triangulum ®quilaterum eft
qucq; Zquiap zulum. . :

gt
-

&
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EDCLIDIS Ehmentorsm

Pror. VL
§i trianguli A B C due an-
gwi ABC, ACB equales inter
D [e fuerint , & b agualibus &x—
qulss [ubtenfa laters AB, AC
aqualia inter f¢ erunt.
B C 7si 6eri poteft , fit utravis.
BAD:.‘ CA.? Facigitw BD=CA, & ® duc
CD.
In trisngulisDBC, ACB, quia BD <==CA,
& larus BC commune eft, atq3ang. DBC 4=
ACB, cront triangula DBC, ACB #qualis
inter {e, pars & totum, f Quod Fieri Nequit.
Coioll.
Hinc, Omune trisngulum xquisngplum
quoq; zquilaterum.

Paos. VIL

KA

Suyer eadem vella linea AB dusbus eifdems rve-
8tis lineis AC , BC, aliedue refie linca equas- |
les AD , B D, utrague urvique (boc eft, AD =
AC, &BD=BC) non conflituentnr ad aliud
puritum C, atque dind D', ad eaflem partes C,
cafdémaue termines A, B cum dwabws imtiaduitis
vectis lineis habentes. :

1. Caf; Si panétum D Ratmatur in AC; 2 li-.
quet non efle AD= AC.

% Csf. Sipunttum D dicxtur intra triangu-
Jum ACB, duc C D, & produc BDF, 2c BCE.
Jam vis AD =-AC. ergd ang. ADCP=2CD;
item quia BD ¢ == BCyeritang. FDCP=ECD.

. . cxgq‘)f.




Liber T. 13

ergd ang. FDC 4 — ACD, id eft ang. & 5 o
FDC — ADC ‘Q.E.N. _ '

3. (4. Sin D cadat extra triangidum ACB,
jungatur CD.

Rurfus, ang. BCD ¢=BDC, & BCD¢=¢ 5. 1.
BDC. fergd ang. ACD— BDC. & proin- f g, e

de multd magis ang. BCD 2 BDC. Sed erat
+ ang. BCD = BDC. Que repugnant, Er-
go, &c.

Pror. VIIL
A Si dus. trigs-
gilaABC, DER
babuerint duo la-
tera AB, AC
; dnobus  laceribus
CB F PE, DE &
. trumaque 8iviq; a-
qualis; babwerint vers & bafim BCbafi EReque-
dem : angulum A [ub aqualibus yeilss lintis con-
sentum anyulo D equalem babebunt.

Quia BC?* = EF, fi bafis BC fuperponatur a byp.
bahi EF;illz > congruent, ergd,cim AB<=DE, b & «,
& AC<=DF, caderpun&tum Ajn D. (nam < byp
in aliud pun&um cadere nequit, per przceden-
tem) ergd angulorum A, & D latera coinci- -
dunt, $quare angaki illipares fant. Q. B. Dy, 4 3, g,

1:Hinc triangula bi mutud zquilatera,étiam-
mutud * zquizngula fune, T Y

2. Triangula ibimurud zquilateray zquen- o o
wuringer fe.. ’ "

.
s

[ Pror..



14 EUVCLIDIS Elementorum
Paor. TX.

: Datum angulim ve&i-
A Lneum BAC bfivam
Jecare. :
*Sume AD = AE;
duc DE, fu})er qui® fac
triang, zquilat. DFE.

Dufta A F angulum
C BAC bifecatit,
F Nam AD < = AE,
& latus A' F commune eft, & baf. DF <= FE.
é8.1, Segoang DAFZEAF. QEF.

(oroll. ,

Hinc patet’ quothado angulus {ecati poflit in
2quales partes 4, 8, 16, & Singulos nimirum
partes iterum bifecar-lo. .

Methodus verd reguld & circino angulos fe-
candi*in zquales quotcongy. hatenus Geome-
teas latuig,

3.
1, Ko !

€ emfir.

Pnpr. X,

Datam vellan lincam
AB bifmiam [ecare.
Super data AB ? fac

ann triang. zquilat.. ABC,
ejus angulum C ® bieca

b o1 - re®a CD. Eademdatam
AB bifecabjt. .

c t‘uﬂfo Nam AC =B C,

o& latus €P eft communc; &ang. ACD <= -
d 4. . BCD, dergd AD=BD. QE. F. Praxin
hujus 8 przcedentis, conftrudiio primz hujus
libei fatis indicat,

- Prov,



Liber I.

Pror: X1 :

F Dati ve@4 lued R
AB, & punttoinea
dato C, veltam line-
s CE ad angudos e~
&fos excitare.

, 3 Accipe hing in-
& CD=CE. s ¥ ¥
AD G E B per DE *factriang b 1, 3,

zquilat, DFE. Du&a FC perpendicularis eft.
Nam triangula DEC, EFC fibi mucud ¢ 2- ¢ onftr.
quilatera {unt, ¢ ergo-ang. DECF=ECE. 43 1.
¢ ergd FC perpendicularis eft, Q. E, F. ¢ 10, def’
Praxis. tam hujus, quidm fequentis expeditue ‘
facillime opg normz. :
’

ey
wa

N Prop. XIIL
I c Super datom
' veltam lineam in-
finiton AB, 3 .
date puntio C -
quod* in ea non

¢ eit, perpendicu-
EE F P loem recion C-
_ G Jdedugere.. :

Centro € * defcribe-cirsulum, qui fccerde= o3 0,
tam A B-in pun@is E &F thifcca EFinG b 10,1,
du&a CG perpendicularis eft. o
- Ducantur enim CB, CF. Ttiangula EGC,

EGC, fibi mutud © zquilatera-funt. dergd an- ¢ cpufiv..
uli EGC, FGC, zquales, &2 proinderedi d 8. 1.’
unt. Q.E.F. - , ¢ 10, def
- - . Pror. XIIL -

M| Cam relta linea AB , fuper
E 1 A restan lneam. C D con fioms,

facit angulss ABC , AED;
aut dwuos veilos , aut dwobus re-

it aquales efficict.
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& 10.d¢f
b1t 1.
c 19. ax.
d 3. ax.
€ 3. aXe

pow
g2
.

2131
b3, ax.

"ETUCLIDIS Elimentirsm:

Sianguli ABC, ABD pares fint, 2 liquet il-
‘los reétos effe; fin inzquales fint, ex B ¥ excite-

tur perpendicularis BE. Quoniam ang. ABC ¢ =
‘Re&..+- ABE;& ang. ABD ¢ =Re&t. — ABE;
it ABC+ABD *—= 2 Re®. +ABE—ABE ="

2 Re@®. Q. E.D. .
* .- Cordl.
1. Hinc, fiunus ang. ABD refus fie, alter

XBC atlam re&us erit; G hic acutus, ille obru--

fus erit, & contra, : )
2. Si plures re@= quim una ad idem pun—

. -&um cidem re@z infiftant, anguli fienc duobus

redtis zquales.

3. Duz re&te invicem fecantes efficiunt an--
gulos quatuor re&is xquales. :

4 Omnes anguli circa unum pun&um con-

Rituti conficiunt quatuor re@os. . patet ex Co--

zoll, 2: '
Pror. XIV. .
A Si ad aliqham rectam lineam

AB, atque ad ejus punctum B

duz vetla linew CB, BD nom

exfdem partes duiia, eos qui

unt deinceps-amulos ABC,

D ArD 4 ns:"e%aqudes fe=

ewint , indircltum emint intev b ipfn-rele mi
CB, BD.

Si negas, faciant CB, BE unam reftam. ergd

ang. ABC «+ ABE =1 Rel, P=ABC

ABD. ¢ Quod Eft 2blurdum. : »
Pror. XV.
- -Si due weile linca A B,
CD fe mutu fecurvint, angu-

\E___Ios ad vesticem CEB, AED
A ‘ 51 «gud'es inter fe efficient.

Nam ang. AEC + CEB’

\D  *=:Re&i=AEC_; AED.
Ergd CEB=AED. Q.E.F.

Se L‘ﬂ‘t -



-

, F.
$i ad gliquam reftam lineam GH , atque 3d
tjus pun&tum, A duz re&z linez EA, AF non
ad cafdem partes fumpta, angulos ad verticem
D, & B zquales fecerint, jpiz re&az linex EA,

. AF in dire@um fibi invicem erunt. . :

Namz2Re@ =D . A= B A.bergda 13. 5.
b 14 3.

EA, AF funtin dire&um Gbi invicem.Q. B. D.
- Sckol. 2.

. Si quatnor relte linez

_EA,EB,EC, EDabuno

- pun&o E excuntes, angulos

.B oppofitos ad verticem 2qua-

les inter fe fecerine, erune

?lxlibct due linea A E,

EB, & CE, ED in direGum pofitz. i

. Nam quia ang AEC -+ AED 4 CEB .4

"DEB * — 4 Re&. erit AEC + AR

CEB . DEB=2Relt. ¢eargd CED, X AEB ,,

o)

b

ax.

b 24 Cori13.,
D TS bl é

funt redz linez, Q.8 D. Coe 4,

Pror. XVIL v
© . Tujufeungue’ Tyianguli
ABC #mw latere BC pro-
dutle , extcrnus angflus
ACD u«trolibet interno &
oppofico CAB, CBA, ma-
Jor eft. -

' fecent reGte AHY BE, &

quibus produisbcape EF
=BE,* & HI=AH,

o -
€onjugantiieg; FC,T c3 Q=

Latera AC, BC 3bi-5 ::ﬁ' &

b3 5

-



i3 EUCLIDIS Elementorum

c cosfir, Quoniam CE<—E A, & EF*—EB, &
d 15. 1. ang. FECY{=BE A;ceritang. ECF = EAB.

g4 Simili argumento ang. ®CH (f FCD¥ = ABH.
¢ 1’;. . trgototus ACD smajor eft urovis CAB, &

ABC,. QE:D. -
Pror,8X VIL i
Cujuftanque  trianguli
ARC dn[:”q anguli ;:fbux
rellis funt minores, Ommi=
favizm fumpti.
Producatur latusDB_C.
uoniam ang. ACD
a 12. 1, E - < D%'CB'zznlg{c&.&ang.
bi. 1.  ACDb—A,cerit A ACB— 2 Re&. Eo-
€44 demmodc erit ang. B+ ACB— 2 Re&. De-
nique produo latere AR, erit fimilirer ang,
A+ B 2Reft. Quz E. D,
Coioll.
1. Hine, in omn: triangulo, cujus unus an-
lus fuerit rectus, vel obtulps , reliqui acuti
unt.

A 3, Silinearefta AE cimaliare&ta CD an-
gulos inzquales facias , unum AED acotum, &
alterum AEC obtufum, linea perpendicularis
A D ex quovis cjus punéto A ad aliam illam

€ E D CD demiffa, cadet ad partes anguli acuti AED.

Nam fi AC ad partes anguli obtufi du@ta, di-
catur perpendicularis;in triangulo AFC erit ang.

*17. . AEC+ ACBr 2Ref. *Q.F.N.

3. Omaes anguli trianguli 2quilateri & duo
anguli trianguli Tofcelis, fupra bafim, acuti funt,
Pror, XVIIL .

A Omnis trianguli AB C
. majus latns A C majorem

D amulym ABC [ubtendit.
‘ . Ex AC'aLi_gcr QD:_;.

bs ¢ AB, & junge DB. berg
e Bl XY 203, ADB = ABD. $id
. ADB



Liber I . 19
£ ADB = C. ergo ABD — C. dergs totus: 16. 1,
ang. ABC c €. Bodem modo erit ABC = A, © - =

. E. D. ,
% : . Pror, - X1X. .
‘ Omnis triangwli ABC ma-
jor_amgulus A majori laters
BC fubtenditur.
> Nam fi dicaAtur é] =
. BC,%eritang. A=C,con-2 §: 1.
A — Citna Hypoth.g& iBC 3.
B berit ang. C = A, contra hyp. quare poti- b 18. 1.
- 88 BC - AB. & eodemmodoBC = AC.

Q_Bn Do"
. Pror, XX,
: Omnis tviamguli A B C
dwo latera BA, AC relique
A BC funt maora quomods-

cunawe fumpta. , .
- Ex erodu&a 3 caped 3. 1e
B AD= AC, &duc DC. ¢ ,,
bergdang. D =ACD.cy, e
cergd totus BCD = Dd4ergd BD (¢BA + d 1. 1.
AC) - BC.Q.E.D. ¢ confir. &
Pror, XX, LA
A Si fuper trianguli ABC
uno latere BC, ab extiemitati-
_ bus dua reiie linee BD,CD,
intesiis conflituta [uerint, ba
conflitmta veliquis trianguls du~
obus lateribus BA, CA mino-
C res guidem erunt, majorcm ve-
vd angwlum BDC continebunt. = :
Producatur BD in E. éflq;CF -+ ED 2= a 20. 1.
CD adde commune BD, > @k BE — EC b 4 4%
BD -+ DC. Rutfus BA —+ AE * = BE; Pergd
BA 4+ ACC BE -+ BC.quareBA +ACC T .
3D DC. QE.D. ‘2. AngBDCcc1b 8t '
DECec A.crgd ang. BDC = A, Q.E. D. v
’ ’ C 4 Prow,
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EUCLIDIS Elememorsm

Pror. XXIIL
- C

_ Ex tvibus vectis lineis YK, FG, GK , que
DQut tibus datis vects limess &, B, C aguales,
triangulum EKG conflituere. Oportet autem duas
reliqui effe majores omnifariam fumpias, quoriam
unikfiujnlque triangals dws latera omisifariim fum=
Praveliqua funt majora. - )

Ex infinita DE *fume DF, FG, GH datis’

" A, B, C ordine ®quales. Tum fi® centris F, & .

G, intervallis FD , & GH ducantur circuli fe
interfecantes tm K junétis reis KF, KG con<
flituetor trianguinm EKG, ¢ cujus letera FK;

. EG, GK tribus DF,FG, GH, 4 id eft ribus

datis A, B, C zquantur, Q.E. F.
Pror. XXIIL
D A’ Ad_datam rc-
- flam [incam AB,
datimque in ra
pnctum A, date
angule veltilineo D>
cL " \H wquale angsulum re-
EN /8B Ehlingwm A con-
finere, .
. * Puc re@am CF-fecsntem dati anguli lasera
utcunque.® Fac AGz= CD. Super AG <con-
Ricoe triangulumalteri CDF zquilaterum, it .
u,




A Libor - I. - . , 21
" ut AH=DF, & GHACF; & habebisang. 4 & »
Ai=D. QB.F

Pror. X X1V,
AN D
B ~Cp

<

8i duo triangula ABC, DEF dws latera AB,
AC dudbns lateribus DE 3 DF equdlia ;
vint , wtrumque sexigue; angulzm vero A amuls
EDF mjo’:qem fub quZIibus veltis lineis t:ugen-
tum , & bafim BC,bafi EF, mdjerem babebunt.

! Fistang, EDG= A, & DG »=DF <=} 33.r
AG; conne&antiirque EG, FG. ek

1. C4f. Si EG cadit fupra EF. Quia AB 4a g‘
{=DE,& AC=:DG, & ang. A*=EDG, ¢ confhr,
ferit BC = EG. Quia vetd DF ¢=DG,f+ 1.
s erit ang. DFG = DGF. bergd ang. DFG .~ § ; e
EGF; b &proindeanz. EBFG E@F. kquarck 1y, ;.
EG (BC) cEF. Q E.D.

1. Caf. Si bafis EF bafi BG coincidat, ! li- | 9. x.
quet BG (BE)c~EF. =

3. Sin EG Cadat infra BF, Quoniam ®°21, 1.

DG —+ GE = — DF ... FB, fihinc ind¢ au--
feranmur DG, DF, 2quales, manet BG (BC) 5. ax.
*cEF. Q E. D. :

Provr.

.



EUCLIDIS Elementorim

' Prop. XXV, ,
. 8 duo triangula
D - ABC, DEF dw

‘ A
, latera AB, AC
: duobus  lateribus
. . | DB, DF equalia
2 ¢E Fbabuerint, utrumgs

: ; nirigue, bafim ve-
vo BC baf BF majorem; & angulum A [ub equa~
libus veltis lineis comtevtum angulo D majorem

as Nam fi dicatur ang. A = D,? erit balis BC

.= BF, contra Hyp. Sin dicatur ang, A3 D,

b 24.1, _ Perit BC—EF, etiam contra Hyp, ergé BC

cEF. Q B.D. .

Pror. XXVI

[
N

B ¢ E 1<
§i duo triasgula B AC ED G, duss angulx
B, C, duobus angulis B, DGE, qmr:b%u-,
evint, utrumque utrique, umimaue latus wni laters
/ equale , fve quod aqualibss adjacet amulis, feu
guod wak aqualium anguloium [ubtenditur : reliqua
Latera veliquis laseribus equalia, utrumque wirique,
f-bre!iquam angulum velique angulo aquaem ha-
ebunt.
1. Hyp. Sit BC = EG. Dico BA —ED, &
AC=DG,& ang. A =EDG. Nam § dicatur
‘a3 .  EDcBA,*fac EH = BA, ducatirq; G H.
Quoniam
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niam AB b =HE, & BC¢=EG, & D futpef-
1!!'!2-%oc = B, eritang, p__(_;’na:(: e =D’GE. 3 byp.

fQ. E.A. ergd AB=ED. Ecdemmodo AC :;.p.h
= DG. dquare etiamang. A = ED G, f o ax

s 3.Hp, Sit AB=ED. DicoBC =EG &
AC=DG &ang, A = EDG. Nam i dicatur *
EGc BC, fiat Bl = BC, & conne&tatur DI. B bp
Quia AB$==ED,& BC= EI;&ang, B#=E, j /-
esit ang. EID *=C®=EGD. *Q.E. A 1"
ergd BC = EG. ergd ut prids, AC =DG, n 16, 1.
&ang. A =EDG. Q. E.D. \
Pror. XXVIIL
-y Si in duas rellas Gl
as ABy CD refainci-

A o dens linca EF alteynatism
C D aguios AEF, DEB, e- -
gquales intey fe fecerit, pa-

vallels eruns interftilla recie linee AB, CD.

Si A B, CD dicantur non zfle parallele;
convenjant produlz, nempe in G. qdo pofito
angulus externus AEF interno DFB ? major 2 16, 1.
erit, cuitamen ponitur zqualis. Qua repugnant,

Pror. XX VIIIL
§i induas relfas line-
a5 AB, CD rettainci-

A & Rexs linea B F externam
< ~—T angulum A GE interno
- H & oppafite, & ad eafdem

F partes CHG @qualem fe-

cerit , ant internos &r ad eafdemt partes AGH,
CHG duvbus vectis aquales;, parallela esunt inter
fe ipfa velte linee AB, CD. :

. 1. Byp. Quia per hyp. ang. AGE=CHG, 4 15.1.
3 eric altern, BGH = CHG. * parallelz igitur b 27.
funt AB,CD. Q. E. D. .

. 2. Hyp, Quia ex byp.AnZ.AGH . CHG=. a 13. 1.
2 Re@2 = AGH —+ BGH, berit CHG= b 3. o~
BGH. Exgo AB, CD parallelx funt. (%E. D. €3%7-%

- P ROP.

-
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Pror. XXIX. .
In pavalltlas vellas -
neas AB, CD, reainci-
A C Bdews linea BF, & alter-
C prssim angules DHG
. F 3] AGH wquales inter [e cf
ficity, & extermem B G B
intermo, & appefite, & ad eafdems partes DHE &-.
qualem ; & internos & ad eafdem partes AGH,
CHG duobus retis aquales facite
Liquet AGH, «+ CHG= 3 Re&. *alids
‘;CD non eflent paraliele, contra hyp, Sed
® I3 1. g.DHG 4 CHG =12 Re&.ergo DHG
c13 & *=AGH{=BGE. Q.E.D.
digos. Covoll.
: Hinc omne

B C Parallelogram~
’ mum AC ha-
bens unam an-
gulum reGum
A D A, ft re@an-
. gulum. °

PETIER Nam A 4 B*= 2 Ref. ergo cum Are-
b3 oax.  Qus fit, betiap B reftus erit, Eodem argue

meato D, & Cre@i funt,

Pror, XXX.

Qua ( AB, CD) -
. 4 dems teile lincg EF par-
A H Ballel¢, & inter fe funt par-

E Falde. -
c— D  Tres re@zs fecet we-
cagq; rea GL Quoni-
am AB,EF parallclx funt,

a 19,1 *eritang. AGI=EH], Item proprer CD, EF -
b 1. ax.  parallelss, ®erit ang. EHI = DIG, * egb ang,
< 37. 1,  AGI=DIG. ¢ quarc AB, CD parallclz funt,

QEL.D.
- Plofa

a1} &x




Liber . .. 2§
Proe. XXXT. '
A A date punfls A dad

B =" reite linew BC ducere
pavallelam rveltam lincam
B CAE. -
" ExAaddaam BCdu¢

" reftam utcunque AD. ad quam, ¢jisq; pun@um & 23- 1.
A facang. DAE = APC. berunt AE, BC b7 1o
parallelz. QB.F. - :
Prop. XX f‘:};f. '
- Cujufcupgie  trians
2 . ~guli AB C sno latere
" BC produtio , extermus
“wowlis ACD duobus -
] iﬁ*ﬂﬁrs’ﬂwp{qﬁﬁ& AB
oft aqudlis. Bt trianguli
. R _b. ires smeevwi amgwili A,B,
ACB duobus funt.retlis nfmlzr ,
Per € *duc CE ‘parall, BA. Ang. A b=, 3, o,
‘ACE. & ang. BV =ECD. ergo A + Bc=b 29, 1.
ACE » ECD ¢ = AGD. Q.E.D. Pono € 2 o

ACD_¢ ACBe= 1 Ret. Legd A Bt & 1" ™
ACB=1Ref: Q.E.D. £1. ae

- . Covdlizria. . :

1. Tres fimul anguli cojufvis trianguli 2qua-

-Jes fum eribus fimul cujufcunque alterius, Unde

2. i in uno triangulo duo li (aut fine

-puli,aut imul) 2quales fint duobusangulis (aue

is,aut fimul) ig altero triangulo, etiam re-

liquus reliquo ®qualis eft. Tsem, fi duo trian-

gula unum angulum uni equalem habesnt, res
-liquorum {ummz 2quanter. o

3. In triangulo fi unus angulus re@us fit, re<

- liqui unum re@um conficiunt. Jtem, angulus,

qui duobus reliquis 2quarur, reQus eft.

4. Cuh in Ifofcele angulus 2quis cruribus
contentus reQus cft, reliquiad bafim funt fenis
recti, } ;
"’ﬂ?' » 5. Tri~
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R fimt Latrea fighre,

- EUVCLIDLS Elementorum.

s. Trianguli zquibteri anghlus facit duas
tcrtiasunlilsgr:gi, nam § aRe@. 2 § Re&,
y Sthal, | oo o ™
Hujus propefitionis benehicio,cujuffibe @gurz
re&iline2 tam interni quam exteni anguli ques
re&os conficiardt; innotefcet per duo lequentia
sheoremata. : I

TfiEORE‘MAM PR

e . R

)

A

< Dmm angwli. cujufcungue ﬁg{;;g rectilia
new conficiunt bis tot #ca‘m demptis. quatuok.,

-Y

Ex quovis puncto intra figuram ducantur dd
* omnes figurz angulos reét2, quie figiram refol-
vent in tot triangula quot habet latera. Quare
cim fingula triangéla conficiant’ duos: reQos,
omnia fimul conficient bis ot rectos , quot funt
latera. Sed anguli circa diGom pun@um canfi-
ciunt quatuor te@os. Ergd,G ab omnium teisn-
gulorum ‘angulis ‘demas angalous circa id pun-
&um, anguli reliqui qui componunt angulos fi-
) gure conficient bis tot rtétos demptis quatuer,
quot {unt jarera figurz, Q.E. D. -
Hinc Coroll. Omaes ejufdem fpeciei re@ili-
nez figura zquales habent angulorum fummas.

THEOREMA 2.

Ommes fimu! externi anguli cujufcunque figure
reclilinea conficiunt quatwor vectos.

Nam ﬁnguli figurz interni anguli cum fin-

gults externis conficiunt duos reQos. Ergd in-
. - ) ©temni
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terni imul omnes, "cum omnibus Gmul externis
confictuht bis tot re&os, Ruot funt latera figura,

Sed (ut modd oftenfum eft,)interni imul omnes
etiam cum quargor retis efficiunt bis tot redos, -
.quot f{unt latera figurz. PBrgd externi anguli
quatuor rectis zquantur. Q. E. D.

Coroll. Omnes cujulcunque fpeciei redili-
siexe figurz xquales habent externorum an-.
gulorum fummas,

‘Pror. XXXI111.,

Ar- - b Reila linna AC, BD,
que aquales & parallplas li-

. pneas AB, CD, ad paitcs eaf-
< dem comjungunt , & ipfa @-

Whales ac pavallela funt. .

ConneQatur CB. Quoniam ob AB, CD
pavallelas. ang. ABC *=BCD, & perhyp. AB 2 1. 1.
— CD), & litus CB commune cft, P erit AC= b 4. 1.
BD, b & ang. ACB = DBC. cergé AC,BD ¢ 27. 1.
ctiam parallclz funt. Q. B. D. .

Pkop. XXXIV.
Av . B Payallelogrammorum $Ha-

: “ tiorum ABDC equalia fhnt )
3 inter fequa ex adveifo late-
¢ D4 AB, CD; ac AC, BD; :

owgulique A, D; & ABD, ACDs & illabifa-
Yidm [ecat diameter. CB. . @
Quoniam AB, CD *parallelz funt, berita gy,

ang, ABC = BCD. Iremob AC, DB paral- b 25 1«
lelas, beritang.« ACB = CBD.cergdtotians ¢ 3. ex
guli ACD, ABD zquantur, Similiter ang.

A= D. Porrd, cim communi lateri CB adja-

ceant anguli ABC, ACB, ipfis BCD, CBD

pates 4, erunt AC =BD, 4 & AB== CD.adc- d 26. 3.

~ 63; tia triang, ABC = CBD, Quz B, D.

D2 SCHOL.
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’ SCHOL,
Omne quadrilaterum ABDC babens latera ops
pofiia equaiia o eft parallelogrammum.
a7« ~ Nam per8. 1, ang. ABC =BCD. * ergd
AB, CD panllelz {unt. Eddem ratione ang,
BCA = CBD; * quare AC, BD etiam paralle-
b 35.def 1 12 funt. b Brgd ABDC eft parallclogrammmum.

~ .Q.E.D.
" BHinc ex-
A ,E —- \ B peditiis per
- IF ¥ dawum pun-
&um C da-
-c tzreitz AB
ducetur pa=
rallela CB.

Sume in AB quodvis pun&tum E. centris E,

& C ad quodyis intervallum duc 2quales cixcu

108 EF, CD. centro verd F, fpatio EC duc ¢ir=-

culum FD, qui priorem CD fecet in D. - Brit

" du&ta CD pawall, AB. Nam ut modo demon-
ftratumeft, CEFD eft parallclogrammum,

Propr. XXXV,

: - © Parallelogramma
A__DE _ F 5cDa,BCFEfi
: per eddem bafi BC,

@ in eifdem paralle-

Lis AF, BC conflitn~
21, inter [t funt @

B < gualia.

1. Nam AD 2 =pC * = EF. adde commus4

ax. nem DE Perit AE = DF. Sed & AB*=DC;
' & ang. A ¢ = CDF. dergd triang, AKE ==

;x, DCF. aufer commune DGE , ¢ erit Trapez,
«x,  AFGD ==EGCF.adde communt BGC,f eric
Pir. ArCD =ERCF. Q. E D. Reliquorum
caluam non diffimilis, fed hunplicior & tacilior
eft demonftratio,
Scholium,



‘ N
Liber 1.
Scholéue.
Si latus AB parallelo-
Dirammi te&anguli ABCD

4

* culariter per totam BC, aut
4 | BC per totam AB, produ-
12 cetur €o motu area rectan-

guli ABCD. Hinc reftan-
ulum fieri dicitur ex dutu
] o ls‘u multiplicatione duorum
B laterum. contiguorum. Sic
exempl, gr. BC pedum 3, AB 4. Duc 3 ing;

Fﬁ?cnium 13 pedes quadrati pro acea rean-
1 v .

Hoc fuppofito, ex hoc thearemate cujufcundgs

tri intelligatur perpendi- -

29

parallelogrammi (*EBCF) habetur dimenfio, * v. fiz. pro-
1llius enim area producitur ex altitudine BA du- 1/ 35-.

&a in bafim BC., Nam area reQanguli AC par-

allelogrammo EBCF xqualis, fit ex BAin BC.

ergd, &c. -

Pror. XXXVI,

b e Pasallelozram-
‘ ‘ma BCDaA,

‘GHFB fuper -

ot D qualibus bafibB .
B G PGH,zind
pavallelis AF, BH confituta, inter ¢ funt equaiia. ;
b - a oyp.

Ducantur BE, CF. Quia BC'= G
EF, « erit BCFEE parallelogrammum. ¢ .
BCDA ¢=-BCFE¢=GHFE. QE.D"
Pror, XXXVII o
E A D ' Triangula BCA,

\ { " BCD fuper eadem

’ bafi BC conftituta,

A & in eifdem paval-.
DR lelis BC, EF, inter

c 'ad. .
> ﬁiﬂﬂﬁwgmw

i

34 I.-
P 33. 1.
d 35. L.

]
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a 3. L.
b 34. 1.
c35.1. &

T 6%

ﬂf) e
oo
PR
& = -

l. 37. L
b by,

. € 9. 4X.

EDCLIDIS Elementorum.

3Duc BE parall. CA, * & CF parall, BD+
Erit triang, BCA® = 1 Par, BCAE =<3
BDFC *=3BCD. Q. E.D.

Pror., XXXVIIL

C A D R Triasgula BCA,

EED Juper 2qua-
- thus bafibus RC
EF¥ cosflituta, o
in ;lifderg para!hljzi_s
. GH, BF¥, inter [e

B C E F funepdic.
Duc B G parall. CA. & EH parall. ED.
erit triang. BCA * = } Pgr. BCAG *=3

"EDHF ‘=EFD. QE.D.-

Scbol. .

Si bafis BC cEF, liquet triang. RAC =
EDF. &iBC EF, crit BAC2a EDF.

Pror. XX XIX.
Triangula aqus-
F }ia ECA, BCD,
uper eadem bafi
BC, & ad eafdem
putes comflituta
etiam in  eifdem

.B [funt parallclis AD,

'ﬁgu, fit altera AF parall. BC; & ducatut
CF. ergd triang. CBF == CBA >=CBD.
fQE. A :

. . ProR




o Ldber Lo 3F
.Pxor. XL.:

Triangwa egur-
iz BCA, EFD
Juper aqualibus ba-
Jibws BC, EF, &

/.- ad eafdem partes
B v F. conftitnia, & in
eifdem [untparallelis AD, BF, :

Si negas, fit altera AH parall. BE. & ducatur 2 38, 1
FH. ergd triang. BFH 8= BCA™ = EFD. b br
cQE A BETIETE TR s w
ee ” i. .Prow, XLL ... = -

_ Si paralltlogrammunms
E ABCD: cum- trignguin
© - B C'B eandem - bafims
B C-babuetit 5 in eif-

. demaque fuerit pavallcis -

€ -+ AB; BE, duplum erit
paralielogrammmum ABCD ipfius trianguls BCE,
- Ducatur AC. Triang. BCA*=BCEB.ergd 3 37-1- °
Pgr. ABCD?=3BCA<=13BCE.Q.E. 34 1.

“C 6, an,
- - .. Schelium.
_Hinc habetur area cajufcung; trianguli BCE, -

Wam ciim.area paratlelogramnti ABLCD produ-_

catur ex altitudine in bafim du&a ; producetur

© atea'‘trianguli ex dimidid sltitudine in-bafim du-

&a, vel ex-dimidia bafi in altitudinem: ut'fi ba-

fidpC fir 8, & altitudo’7; erit wrianguli BCE

arca, 28,

. | Pro¥,



EVUCLIDIS Elemeniorim
Pror. XLIL

]

W
»

A
1

F G
B E ¢ D
Date Wi ABC dqulepﬂkl' ogyammnm
&ECGF conflitnere in date angule veltilixge D.:
3L L Per A * duc A G parall. BC. *facang,. BCG
b33 1+ =D. bafim BC <bifecain E, * duc EF parall,

%1 CG. Dico faGum,
. Nam du@t3-AE, erkt exconftr. ang, ECG

d 381 N
g =D, & triang. BAC ¢=2 AEC*= Pgr,
et ngg’n Q.E. F.
Pyor. XLIIL
In- omwé paicliclos
5. gramm ABCD com-
plementa DG, GB
eoym que civca dia-
I metrum AC funt }[;ar
allelogyammorum HEB)
D < FI mterfe funt &+
2 34 te

" Nam Tn;ang. ACD,=* ACB. & tiang..
» 3. &, AGH? = A GB. &wiang, GCF 2= GCI,

- —_ L

»ergd Pgr. D6 = GB. Q.B. D, ~

Pro¥



Liber I
Pror. XL1V..

™M T
Ad datam reltam lineam K , dato lrmzqulo B;

aquale parzllelagmmmum BFL applum indato an-'
gulo veclitnco C.

33

3 Fac Pgr., D'—mang. B,itd utang, GFEa 42. 1.

= C. & ponelateri GP'in direum FH = A,

Per H tduc IL parall, E F ;5 cui occurrar Dai b 3¢, 1.

produita ad L. per I F du@z re@z occurrat DG.
protra&a ad K. Per K bduc KL parall, GH;
cui occurrant EF , & IH prolongatz ad M, &
L. Etit FL. Pgr. uzfitum,

Nam Pgr. FL‘—FD_B‘&ang MFH&R .

=GFE=C. Q&.F.
" Prop, XI.V

BR— € G ML

)

™
Ad’ datam veltam quem ¥ G dato rectilin:g’:
ABCD wquale porallelogiammum FL coiftitueic, ,
sndato anguls rectilineo B
Datum reilineum refolve in triangula:
BAD, BGD.? = Fac Pgr. FH =BAD 'fa ut.

15, ..

ang, F=E. yrodu&al:l 2 fac (adHI) Pﬁ: a 44w T8

, D 5



34 EVCLIDIS Elemintorsm
b 19.4x, YL =BCD.eritPgr, FL = *FH 4 JL ¢ =
¢ . ABCD. Q.B.F. T

| l/A\ﬁE M .

Hinc facilé invenitur exceffus HE, quo re&i-
lineum aliquod A fuperat re@ilineum minus B;
nimirum i ad quamvis re@am CD applicentus
Pgr. DF=A. & DH=B,

Pror. XLVE -

B C - Adata vefla i<
' nea AD quidra-

tum AC deferia
bere. g ,
, aErigeduas pere
SR L o endiculares icBi
b3on C * zquales
' A . duz AD; &

et ) junge B C. dico’

faltum. . :

: ';;ﬂ"; A Bcﬁg ccniht:l? ] AS:-;- D '-.;- 3 Re&. 4 en;nt
e C parallelz. Sunt verd etiam ¢ zquales,
£ ;',:ﬁ,', icrgd ADS”BC res etiam f{unt , & parallelw,
ergd Figura AC cft parallclogramma, & squi-
g S 29. 1. latera. Anguli quog; omnesrei funt, & quonie
R 39. &f. amunus Aeft reus. 2 ergd AC eft quadratum..

. E& Fc M
odem modo facilé defcribes re@tangulum,

quod (iib datis duabius. re@is contineagur,

Raow,



Liber I - - §5

In veffan-

i trian-
g:llia BAC
qaadmm;t 2

BE’
xlatercqu C
vellum angu-
lun BAC
[ubtendente
defcribitur 4
wquale eft
es, BG,
CH, que i
latcrihes AB,
- AC.reltum
' - angwluin continentibss deferibuntur. -

Junge AB, AD; & duc AM. parafl. CE. )

Quoniam ang, DBC * = FBA; adde coni-213. #x.
munem ABC , erit ang, ABD=FBC.Sed & .
AB*=F B, & BD b= BC, ¢ ergd triang, b29.def.
KB8D = FBC. awqui Pgr. BM. 4= 1 ABD; ot
Pzr.BG 4= 2 FBC (nam GAC cft unareQa gf";
per hyp. & 14.1.) ¢ ergo-Par, BM =BG Si-
mili difcurfu Pge. CM = CH.. Totum igjtuc
=BG+ CH. QE.D. . .

) . s‘bﬂ’: ’ o
"~ Hoc nobiliffimum, & ovtiliffimum. theorema: . .
ab-inventore Pythagora, Pythagoricum dici me~
tuit, Bjus beneficio guadratorum additio, &
fubftrattio perficitur 3 qud fpeGant duo fequen~—
tia problemata. ' :

H

PROBL.



3¢ EVDCLIDIS Elemniorsm

PRORL. ¢,
Adr. Tacqs * z .
Datis quotcungue qua-
B dratis , unum omnibus a=

quale conflruere.

: X Dentur quadrata tria,
s ¢ A7 quorum latera fint AB,
¢ th E | BC,CE.*Facang.re~
s &um FBZ infinita ha-
* 4 bentem latera, in ¢ique
oy o T | wansfer BA, & BC, &
- ABS.} junge AC, berit ACq.
e B = ABq..;E B Cq. Tl;{m
<= ' AC transter ex'B in X3:
EA _E & CR tertlum latus da-.
¢ % &  tum transter ex Bin B, & junge EX, berit
Exq=EBq (CEq) -+ Bxq (ACe) ‘=CBq,

PROBL 2

- A Datis dwdbiss veltss ine.
y ‘Mm AB’ BC, [ B
bibere quadratwm , qus:
quadratium majeris AB
excedit: quedratam. mis.
8 C moris BG. s
Centro Bintervalls BA deferibe circulum. éx:
erige perpendiculatem CE occurrentear pe-.

*# & ripheriz in E. & ducatur B-B. * Erit BEq-
3 gAq) = 8Cq CBq.Lerzd BAQ = BCq 5.
) s ‘%»Q,_En F-: o

M gxou;




Liber b A
PROBL. %
©,  Notis dusbus quibuf-
. cunque lateribus q:n‘i’gn‘z
reflamguls ABC, relie
qusm invenive,
Latera reftum angu~
lum ambientia int AC, . -
8 AB , hoc 6 pedum, -~
. illud 8. ergd cim ACg 47,
—+ ARq =64 4 3
=100 =BCq. crit BC
. =« 100=10,
B G. A Notg fint deinde la-
ped had 6 6terﬁa _ABé;zC_, Roc 10..
vedum, . erg cimt BCqQ BO=47, %
500 —. 36 = 64 == A€q; erit Kcq = ,/q64..\7 -

=8

et
~

Pror. XLVIIL

8i quadratum qued ab una.

latere BG tricmgsdli deferibi-

nr, eguale (it eis qua & el

quis trianguls lateribus A B,
e A C defcribuntur quadyatis, .

: angulus BAC comprebenfus

[ub 1}?, AQ veliguis duobus tvianguli lateyibus, ree.

us eff )

Duc ad AC perpendicularem DA —AB, &
junge CD. : 7 .
am CNq *= ADq 5 ACqQ == ABq . & 47 I

ACq = BCq. * ergd CD == BC. crgo trian- * Vid, /igs:

gula CaB, CAD, fibi mutud 2quilatera funt; g‘bgr-l.
quare ang, CABY = CAD* =Red, QE .‘D. c b
' . Schol. . ' .
Affimpfimus: exinde quéd CD3. = BCq,
fequi CD = BC. Hoc verd manifeftunvfiet ex.
fequeati theoremates —_—

Y
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: THEOREMA.
‘E_F¥H G N oP QL

& N : ‘R‘—’.....éS]'
¢ 1. kL

Lisearum aqualium AB , CD, equalia fumt
wadrata AF , CG; & qusdratorum equadium

K, PM egualia funt latera 1Ks, LM,
Pro 1 Hyp. Duc diametros EB, HD. Li-
,‘ uet AF = 23rriang. EAB = % 2 wiang.

.¢¢ HCD=CG. Q.E.D, :

2. Hyp. Si fieri poreft, it LM  IK. fac-
LT =1K; * sitque LS = LTq. ergd LS

+

Uod
. . ’

ANTEOTe
...-t\k‘

. To
;:f"’ b ='.NK ¢ =ZLQ" Q.E. Aergd LM=1K,
9. 4 . Coroll, .
Eodem modo quelibet re&angula inter fe -
aquilatera zqualia oftendentur.

LIB.
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LIB, II.
‘Dej?qitione:-

Y—

A— —0
) Mne parallelogrammum re&ans
gulum A B C D contineri di~
&, citur fub redis duabus A B,
{9, AD, quz retum comprehen=
2754 dunt angulum. - ‘
Frando igitur dicitur reGangalum fub B A/
A D el brevitatis causi, veEangulum B A Dy
vel BAXAD, (vel ZA pro ZxA ) defignatur

vectangulum, quod contineiur [ub BA, & AD ad
vedinm angulum conflitntis. '

E_E .4

.Y1..In omni parallelogrammo (patio FHIK
unumquodq;. eorum, quz citca diametrum illius
funt, paraliclozrammorum, cum duobus comple-
mehtis Gnomon vocetur, ut Pge.FB+BI-.GA

'EHM).eff Gnomonlitem Pgr. FB4+BI-+EM

.GKAlq?Gmmmth -

. e

Prog.



EUCLIDIS Elementorsm
| Pror. I

 H 1 G Si fuerint dus refta line
AB, AF, feceturqueipfa-
iwm altera A B tn quot-
- cungue fegmenta AD,DE,
i E BCEB: rectangulum compre=
benfiem [ub 1ilis dwabus ve-
&is lineis AB, AF, aquale (ft eis, que fub in-
[ecta A¥, & quoliber fegmentorum A D, DE,

E B comprebenduntur vetkangulis. d
PETE R a Statae AF, perpendicularem ad AB. 2 per
co F duc infinitam FG perpendicularem ad AF.
3Ex D, E,B erige perpendiculares DH, EI,
B G. Etit AG reftangulum fub AF, AB, &
b 19 «x 1.beft 2quale retangulis AH, DY, EG, hoc eft-
€341, (quia DH, E1, AF cpares funt ) reQangu-

lis fub AF, AD; fub AF,DE; fub AF,EB

QB.D. '

- Schel. :

Propofitiones decern primae hujws libri valene
etiam in numeris. Reliquas quilibet tyro exami-
net. pro hac, fit AF 6, & AB 12, feus in
AD 5, DE 3, & EB 4. Eftque 6x12(AG)
=72, 6x5 (AH ) =30. 6 in3 ( DI )=18.
denique- 6x4 ( E G ) =24. Liquet verd.
3041824272, : .

WA
@)

Pror. Ik,

m]‘ Si r;ifa linea Z.
' efta fir wutcunque’s
B A E reltangula , q“n_tq [ub
tota L, & quelibet
fegmentorum A, B comprebenduniyr, equslia funt.
¢, quod i 1ota L fit, quadrate.
. Dico ZA+Z E=Zq. Nam fume B=Z.
® 3.3, 2 Eftque BA+BE=BZ; hoc cft (ch B=Z)
ZA4ZE=ZY QE.Ds. Prog..




Liber F1.
Pror., 111,

» p Sirefia linta Z (effa
' it wiunque s relt,
. 41'5?::% lum Jub fota Z. . e
. ﬁ ‘” mfagze;urm Ecom-
ehenfiunt, equule eft illi, qusd [ub [egmentis AB
f’mprmmr, reClangulo, & illi W0 & pradidis
Jegmento E defcribitur, quadyato. N
‘Dico. ZE=AE~+Eq. * Nam EZ=EA- 2 1.3

EE.
- Pror. 1IV.

m ﬂs‘i(‘ veltd tinea ?!{'e-‘

® ik picungue; ua
A E  dratum,qued 3 tota Z

L deferibitur, aquale eff,
& illis qua & [egmentis A, B deferibuntur qua
dratis, & éi, bis (b fegmensis AE compre-
benditurs vettangulo. o

Dico Zgz=Aq.+Eqfs AENim ZA=Aq+ 2 3. % -}"I
% }?b-’ .&Z,ZE=Bq—|- AE. quam igitur Z A b

= € pri Ba’ N 2, 3.

QE.D._q’ ferit Zqz AQ+Bq4+2 AE .

1, 4%

3

)

[54 ¥ D liter. Super AB fac.
, adratum AD , cojuds
iameter EB. per divie
B | s fionis p;dn&um C duc

: perpendicularem CF; &
H - 1! b G. duc HIpmll.

o > AR, .

A CB Quoniamang EHG=A ]
reGtus eft, & AEB dlemireQus, ¢ erit reliquus 4 4.€er.33.2.
HGE etiam - lamire&tus. Ergd HE=HGI= § 3*-
BF=AC. *proinde HF quadratumefreQ2 o 5,5,
AC. codem mado CI e CBq. ergd AG,GD B 35 def. 11,
re@angula funt fub A C, CB. Quace totum K 19, a6, 0
Eng\mAD_"_‘:;_. ACq +CBq--2 ACB,

E3 _cm“;




-

2

atos
l-s'».#
s ey

b 4. 2

€ 3. 4,

EVCLIDIS Elimentorum

Corol,
I Hmc liquer parallclogramma circa diame-
srum quadrati effe quadrata, -
- 2, Ttem diametrum cujusvis quadrati ¢jus an=
gulos bifecare.
3. Si A==} Z; erit Zo—y Aq, & Ac_;Zq.
item ¢ contra,ﬁ Za=4 Aq. eric A=}Z.

. Pror. V.
A s g B - Siveffalinea
A SR w ‘D BAB]'mtuvu
~ agualia A Cy°
CB, & wn aqudlia AD DB, rectaugulum fub
inaqualibus [egmentis A D, D B comprebenfinn,
und cum quadrare, quod fit ab intermedia - fectio-
nem CD, aquale eff ¢, qwd i dtmdm CB_de-
Jessbitur, qud, ale.
.. Dico C Bq A De~+C Dj.

Zquantur, CD‘q-;-CDB—u-DBq-;-CDB
enim ifta CDq—n-bCBD(‘ACxBD ’-r-CDB
CDq+4ADB. .

_ Scholium.

» B . Si AB aliter

C ED dividarur, propi-

us [eilicet pun&o

bife&ionis, in E; dico AEBADE. -

Nam AEB*=CB—CEq. & ADB'=CBq’

—CDq. ergo quum CDqcCEgq, crxt ABB:‘
ADB. Q.E.D. -

Lovoll.

Hinc ADqa DBq AEq —+EBg. Nam
ADg_+DBq ~+2 ADBb ==ABq *=AEq+EBq
~+2 AEB. ergd quum 2 AEBr- 2 ADB,eut
AE?I:DBq:];AEq-BE (ALE. . Ba=

e 2, ADQ - w AEQ - E
Pr or.’



Liber I ;s
" Pror. VI

- Aez—s  si vefla linea A
\A// E bfamm fecetury g
e lli reéta quapiam ls-
nea E in diveGum adjicians; veClangulum compye-
benfum fub tota cum adfedla ( fub. AE), & ada
jelta B, unicum quadvato,quod i dimidia t A,
quale eft quidrato i linea, que tum ex dimidia,
sum ex adjelta componitur, tanguam ab una 5 A
BT, in) g
ico $ AQ (*Q.2 A) AE+Eq=Q}A 2 4 & 3.
~+E. 2Nam Q. %%—‘-E=§Aq+ﬁqj}\ﬂ. Cori 43,

Coroll.

~ Hinc i tres retz B, E«-}A, E+A fint in
proportione Arithmectica, reéangulum fub ex-
tremis E, E—+A contentum, um cum quadra-
to excelsds 4+ A , zquale erit quadrato mediz
E+iA. o
Pror. VIL .
' : Si vefta lim.i{'e;
e N celry wicungiie; SQuo:
A E  dteta Z, ‘quo)dque ab
.. o - Hne fegmentorum E,
wtraque frmul quadrata, aquaia funt illi, quod bis
fub tota Z, & ditto feymento. B comprebenditnr,
r:ii;ngulo,@ i¥i,quod a reliquo fegmenta A fit,
rat0. :
T Dico ZqEq=2 ZB+Aq. NamZg=Ag§ 2 4 3.
+u+Bq+2 AB. & 2 ZE*=2Eq+3AE. = b 3.2

' Covoll.
Hinc,quadratum differentiz duarum quarum-
cunque linearuin’ 2, B, 2quale eft quadraris u-
triusque miodis duplore®tangulo fub ipfis. ¢4 4, &
ENam ZqEqimz ZE=AG=Q ZBer 3 am
E 4

\Prop,



4%  EUCLIDIS Elemeviorsm

, © Paor. VIIL )
’ /-—-—\ Si velta linea Z fe-
Z_ 5 cetur utcungue;rectan-

A R gdum quater compre-

benfum fub tota Z, & uno fegmentorum E., cumeo,
qwed & relique (egmento A fit, guadrate, equale eft
&, quod i teta Z, &r diilo [tgmento E, tanquam aly

: wna linea Z+B defcribityr, quadrato.
Yol ¢ _ Dico4 ZE+AG=Q Z+E. Nam2 ZE*=
b a3 Zq+Eq—Aq. erg0 4 ZE 4 AQ=Zq+Eq+ 3
+ % ZE=QZ+4E. QE.D. _v

Pror. IX.
" ——a——y Si vefla linez
A C B AB [ecetu in «-

: qualia AC, CB,
& non equalia AD, DB. quadrata, que ab inaqua~ -
Bbus totius [egmeatis AD, DB fiunt, fimul dupli-
cia funty & equs , quod i dimidia A C, & ejus,
quod ab intermedia [etiomm CD fit, quadratic

Dico ADq—+DBy=2 ACq—+2 CDq. Nink!

ADq.DBg=ACqx+CDg+13 ACD~-DAaq.
atqui 2 ACD (b2 BCD ) -+ DBq*=CBg
(ACq) + CDqud ergd ADy—+DBq=2ACq
-+2CDq. Q.E.D. ’

Paor. X.
* ~ , Sirvectalinea A fece-

(Q_/ E. s bifaiaw, adjiciawr

. | autem e in. velium que-
piam linea; Quod & tosa

A cum adjunGia B, &r quod ab adpmnita E, uiraque
fimul quadrasa, duplicia [unr. & ejus, quod i di-
midia 3 A; & ¢jus, quad & compofita ex dimidsa,
& adjunila, tanguim ab ung § A—+E, defcriptum
eff, quadrati.

[- .-
N s
.ﬁ.»

e Dico Eq—+Q. A—+E, ho¢ efi* Aq»2Eq—+3

bowtdy AE=:Q1A+2Q +A+E. Nam 2 QIA®
T 4 2 ;iA%&I%MB‘:i‘A‘HZEq*IAE-
. "~ Prop,



Liber II.° 43
Pror. X1,
3 B - Datam velfam li-
/ - neam AB [ecarein
1 0 H G, ut compreben-
\ . T fum fub tota AB,
_ ' > alters fegmento-
1 : i rum BG reclangu~ -
F  quod d reliquofee-

. mento AG fit, quadrate,

Super A B2defribe quadratum A C. latus 2 46. 1
AD? bifecain E. duc EB, ex EA produ&aca- b 1e.1.
pe E F=E B. ad AF * flatue quadrarum A H.

Erit AHABxBG.

:lam y;;:i&i ! GBad I; ReQang, ?Hﬁ .
EAQ=EF¢=EBqQ"=BA¢+.BAq. ergd DH ¢ 6. 2.
f=BAgQi=quad. AC. rub?r:he colmﬁ’w AT : ""ﬁ";'
f remanet quad. AHZ=GC; 4id et AGG=ABX f § 2.
BG. QE.F. _

. Scholium.
Hzzc Propofitio numeris explicari necﬁx'rt; * vid 6, 13,
* neque enim ullus numerus ita fecari potelt, ut
prodactum ex toto in partem uwnam zquale fit
- quadraro partis reliquz. )

. ® Pror. XII.
In amblyyoiiis triangulis ABC
~quadratum , quod ﬁgt a latere
A C amudem obtufum AB C
" fulrtendente, majus oft quadratis,
< que flunt 4 lateribus AB, BC
obtufum angulum AB C com=
prebendentibus | vellangslo bis comprebenfo, & ab
uno lateium B C, que funl civea obtufum angulum
ABC,in quod, cum piotvaitum facrit,cadie per-
pendicularis AD 2~ ab qfumpta ext;rllus 1!71{'7 BD
DeRdi ; pieJe um 0 litjkm
{:beg?endmlm A D piaye angulis G



4s

a4,
b 4 2,
€ 47. 1.

2 47. 1.
b 7. 2.

€ 47.- 1.

ETVCLIDLS EBlimentorum
Dico ACq= CBq -+ ABq—+2CBxBDv
NamifalC ACq. -

zqualia ) CDq «+ ADq.. .

funt in-")* €B4- 2 CBD + BDq+ADq

terfe CBg—+ 2CBD ¢ —+ AB3.

. Schol. .

Hinc, cogniti lateribus trianguli obtufanguli
ABC, facile invemicxtu: 1um fe;mentiém BD inter
perpendicularem A D, & votufum angw'um A B C
snterceptum, twm ipfa pevpendiculzrs AD,

Sic;SitAC 10, AB 7,CB §; unde ACqro0,
ABq 49,CBq 3§, Proinde ABq «+ CBj= 74
hunc deme ex 100, manet 26 pro 2 CBD. unde
CBD.erit 13, hunc divide per C B 5, provenic

* 83 proBD. quare A D invenitur per 47. 1.

Pror. XIIL - ™ .
A Inoxygoniis triangulis ABCS
quadratum & latere AB angu~
lum acutum ACB fubtendente,
miniis efd quidratis, qua fiunt &
B ¢ lareribus AC, C B acutum an~
gulum A C B comprebendenti=
bus, vellingulo bis comprebenfo,
& abune laterwm BC, que funt cirea acutum an=
gulum ACB, inquodperpendicnldris AD cadit,® .
ab affumpea inlerius linea DC fub perpendiculari
A D, prope angulum acutum A C B.
Dico ACqQ+ BCq=ABq+2BCD.

ACq+BCq.
Nam 2quan- )* ADq+ DCq —+ B Cq. .
o i * A Dq 4 BDj 2BCD,.
" fABq+ 3BCD.
. Corell,

_ Hinc etlam zagnitis latcribus triamguli AB C,
iwvenire eft tam [egmentum D C inser perpendicula-
- rem



Liber I1I. 47
rem A D, & acufim angulum A B C interceptum,
- quam ipfam perpendicularem. A'B,

Sit AB13, AL 15, B'C 14. Detrahe A Bq
( 169) ex ACq + BCqhoceftex 23§ 96
= 4a13remanct 292 pro 3 BCD; unde ECD
erit 126, Mune-divide per B C 14, provenit 9
proDC. unde AD ==y/: 235 .81 =13.

’ _ Pror. XIV..

. - M N
‘C\ D

e T v

, PR

© Date yelhilineo A aqualé Guadvatum ML ix-
enires . R Lo
~ 2 Fac re®tangulum D B = A; cujus majus la- 27451,
tus DC producad F, ita ut CF=CB. ®Bi~ b 10.3
feca DF in G, quo centroad intervallum GF

deferibe circulum FH D, producatur CB, do- .
- nec occurrat circumferentiz in H. Erit CHqz " 45 1»
*ML=A - - c conflr,

Ducatur enim GH., ERque Ac= D B¢ = d 5;.’;3'

D CF ‘: GFq—- GC~15= HCq‘:ML e 47. l.&
Q.E.F. : 3. 4%,

- . . . -



8
‘LIB. IIL
Definitiones.

o
les cirenli (GABC,
D E F) funt, quorom dia~

@ meui funt #quales, vel quo-
rum quz ex centris re@e li-
ncz GA, HD,funt zquales.

11. Refalinea AB cir<
culum FED tangere dici-
tur, quz ciim circulum tan-
gat, fi producatur circulum
non fecat, '

Refta F G fecar cincl

£ GB

I11. Circuli DAC, ABE (item FBG,
ABE) fe mutud tangere dicuntur, qui fe mutud
tangentes fefe mutud non fccant,

-Circulus BFG fecat circulam FGH.



Liber 111, - S 4w
F AK LIV In cirewlo
B GABD zqualiter 4.
fare A centro dicug-
tur re&tz linex F
M KL, cim perpend;-
" culares GH,GN qua
3 centro ‘(_3 in ipfas
ucuntur, {unt 2qua-
D E L les. Longids auqtcm
. abeffe illa BC dicitar, .
o qu ammajor perpendicularis GI cadi.

3 ) B ' . V. Segmentum
- circuli (ABC) eft
A /A\ ¢ figua " qua” fub
re@a linea A C R
& circuli peripheria.
) ABC comprehendi~
tur, .
b

YN 1. Segmenti autem ‘angulus ( CAB) eft,
qui fub re@talinea CA, & circuli peripheria AB
comprehenditur, : E

V 11. Infegmento awem (ABC ) an%ulus
(ABC) eft, cim in fegmenti peripheria lum-

. prum fuerit quodpiam pun&um B, & ab illo in
terminos reltz gjus linez AC, quz fegmenti
bafis eft, adjundz fuerint re@z lincz AB, CB,
is inquam angulus ABC 2b adjun@is illis lineis
AB, €B comprehenfus, S

VIII Cim verd comprehendentes angu~
lum ABC, re@z linez AB , BC aliquam afiu-

" munt peripheriam ADC, illi angulus ABC in-.

faftege dicitugy

3 IX. Se -



50 EUCLIDIS Elementorum
’ B IX SeQtor autem circuli
(ADB) eft,cim-ad ipfius cir-
culi centrum-D conftitntys fu-
 erit angulus ADB; compre-
/henfa nintirum figura ADB.
& areQislineis AD, BD an-
gulum continentibus, & 4 pe-
ripheria AB ab illis affumpra.

@”\--_/F

X. Similia circuli egmenta (ABC, DEF).
funt, quz angulos (ABC , DEF) capiunt 2-

ales ; aut in quibus anguli ABC, DEF inter
e funt 2quales. .

Pror. L.
Dati cirewli ABC
“centrum ¥ reperive. '

Duc in circolo re-
&am AC utcung;,qusm
bifeca in E. per E duc
Eerpend?cularé DB.hanc

ifecain F.erit F centril,
C Si negas, centrum
efto G, extra re@am
) DB (nm in ea effe non

potesr, ciim ubig; extra

F dividatur dnzqualiter ) ducantirque G A,

at5.def. 2. GC,GE. Vis G centrum effe; * ergo GA =

"~ 7 GC;&perconftr. AE = EC, latys veréd GE

t 3)' ;rf' ., commune efty bergd anguli GEA, GEC pares,
d 13, 2z &cproinde redti funt. dergd ang. GEC =FEC
cp ax, - 1l e QUE. A, . ' .

L'V}pll.



Liber II1. ) §1
] Covoll..
Hing, & incirculo reftaaliqua linea BD ali- .
quam reGtam lineam AC bifaridm & ad angulos
- ye&os fecet, infecante BD erit centrum,

" Facillime per. normam invznitur centiiom vertice Undr, Tacs,
Q_ad circumferentiam applicato. Si enim reGta
DE jungens punéta D, & E, in quibus nor=
me latera Q D, Q E peripheriam fecant, bifece-
tarin A , erit A centrum. Demoafiratio pen-
detex 31. hujus, .
: Pror. IL
Si inciveuli CAB peripkes
via duo qualibet puniia, A,
B accepta fuerint, vetia®lizea
AB, qua ad ipfa punita ad-
jungitur o intra circulum ca-

‘ Rdets
' . Accipe in re€ta AB quod-
" vispun&um D, & excentro C duc CA, CD,

Cs. & quoniam CA*=CB, eritang A= |, “def 1
B. Sed ang. CDB < Ajefgdang. CDBe b 5 1" *
B.d ergd CB o CD. arqui CB tantlim perdln- ¢ 6. 1.
git ex centroad circumferentiam; ergd CD ear d 19. 1o
ufque non pertingit, ergd: punftum D et intra
circulum, Idémque of&ndemr de quovis alio
pun&to re@xz AB. Totaigitur AB cadit intra '
ciccwlum. Q. E. D, - .

F 2 . Cm"b”. N



—y

©

2 byp. .
b l’;’. def. 1.
c8. 1

d 100 def.x.
€ by &
X2. ax,

fs. 1.

g 26, 1.

EUCLIDIS Elementorum

(oroll.
“‘Hinc, Re&a circulum tangens’, itd ut eum

:pon fecer, in unico punéto tangit,

Pror. ITL
" Si incivenlo EABC
vella quadam linea BD
pec centrum  exe (1
quandam AC non per
centrum extenfam bifa-
\ viam fecet, (in ¥) &
c‘ad angdles rectos ipfam

Jecabie 5 & fi ad amgu=
~ ~  losvetloseam f[icety bi-

D farizm quogue eam fe
. cabit. .

Excentro E ducantur EA, EC.

1. Hyp. Quonjam AF* = FC,& EA'—=EC, "
latlisq; EF copmune eft , © erunt anguli EFA,
EFC-pares, & ¢ confequenter re&ti. Q. E.D.

2. Hyp. Quoniam ang.EFA ¢=EFC,& ang.
EAF ' ECF, larlisque EF commune, € erit
AF=FC. Bife@a cft igitur AC. Q. E.D.

Hing, in ttlan? o quovis zquilatero & Ifo-
feele l'mc,a ab angulo verticis bifecans bafim) per- i
pendicularis eft bafi, & contra perpendigularjs ¢

b angulo verticis bifecat bafim.

Px or. 1IV. . o

" 8iin civewle ACD
dug relte lince AB, CD
Jefe mutup fecent aom per
“centrum B exienfe , [ffe
mutud bifariim non feca=

bane, '
_ . Nam i una per cea-
: . tum




‘Liber FIT. - Y < 1
trum tranfeat, patethanc non bifecari ab altera,
qua ex hyp. per céntrum non tranfit. :

Si neitra per centrum tranfit, ex E centro
duc EF. Si jam ambz AB, CD forent bife&z
in F, anguli EFB, EFD * ambo effent veéti, & 2 9.
‘proinde zqualcs. Q. E. A b ad

Pror. V.

"

S duo cirenli
BAC, BDC ﬁ{z
muted [ecent o n
e it illorum idem
cen:ium E.

. Alids enim du~
-&is ex communi
centro E re&is
EB,EDA effert
I:D 1= EB ,_a 15 def.n
A, ¥'Q. E. A

Prop., . V1,

Si_duo civeuli BAC.
BDE, fefe mutui interins
tangant (in B) eorum non-
etit idem centywm F.
-Alids duélis ex centro
F retis FB, FDA, effene
FD * = FB >=FA.2 'S 4,,«,,
PQEN.

F3  Prer. .



34 EQCLIDIS Elementorum
Pror. VII

8i in AB dione-
“ tro circul quodpiam
[umatur punitum G,
quod circili contrum
non fir, ab cog; pun-
b nciveulum qua-
dam yelte lince
GC,GD, GEca-
dunt; maxima qui-
dam evit ea ( GA )
- in qua centrum F,
miimtverd veliqua GB. alizrum verd illi, que per
centrum ducilur, propinquisr GC rematiore GD
femper major eft. Due autem folum ielde lince
GE GH aquales ab eodem punclo in circuliom ca-
dunt 5 ad utrafque partes minime GB, vl maxi-

me GA.
a3 L Ex centro F ducre®as FC, ¥D, FE; & fac
ang. BFH = BF8. .
a 20. L. 1. GF &+ FC (hoc et GA) =G C.
Q. E. D,

b 15.def.1, 2. Latus ¥G commune eft, & FC »=FD,
¢ 9. ax.  atque ang. GFC ‘c~ GFD 4 ergé baf. GC
d2¢. & ~GD.Q.E. D.
¢ .1 3. FB (FE) ¢~3 GB 4 GF. ergd abla-
£5.45,. to communi FQ £ remapet BG~3 E G.
Q. B. D.
. 4. Laws FG commune eft,- & F& — FH;
g emftr.  arqueang. BFH $=BFE. %ergd GE==GH.,
h 4. Quéd verd nullaalia GD ex pun®o G zque-
tur ipi GE, vel GH, jamjam oftenfum eft,

Q.E. D,

Pror,



" Liber IT1.

Pror. VIIL -

P-N - Si extra civew-
’ lum fumatur pun-
Glum quodpiam A,
ab cique puntlo ad
civcidum deducan-
tet quadam lince
Al, AH, AG,
"AF, quirum nia

tiwn K protenda-
tur , velique yerd
uthbet, in crvam
" peiipleian caden-
tigim vecari D=
aruss naxima qgui-
. dem eft ilia AT,
que pey centiten dusctur 5 alizum auiem ci quz Lo
contrum tranfie propinguior AH rematiore AG fem-
per major ft. In comvexam ver) periphriizm ca-
dentinin rectarun Liacainm minima quidem ot ia
'AB, qua inter punctum A, & Qameivan Blis-

53

guidem Al per cen-

terpoibiusy aliaium autem cay qu ei winime pio--

pinguior AC remotiove AD femper minor e, Dua
autem tantim relta linee AC, AL xquales 4 co
puscto in ifim corculum cadunt , ad wtrafque pare
tes mining AB, vel mavima Al - :

Ex centro K duc re®as KH, KG, KF; KC, .

KD, KE. & faicang. AKL = AKC.
1. Al (AK+KH)*c~ AH: Q. B. D.

3. Latus AK commune efty; & KH =KG;-

atque anz; AKH o= AKG. bergo bal. AH =
AG. Q. E. D. .
3. KA «mKC.+CA.-aufer hinc indé -
quales KC, KB, 4 erit AB -1 AC,
4. AC + CK ¢« 3 AD . D K. aufer
_ hinc indé =quales CK, DK, f erit AC=3
AD. Q. E. D. :
Fa §. Latus



56

5

2 7.3

EUCLIDIS Elemerorsm

§. Latus XA eft commune &KL =K C;
atque ang, AKL 8= AKC,bergd L A=
CA. hifce verd nulla alia zquatur, ex mox
oftenfis. ergo, &c. ,

Pror. IX. :

- Siinciicnlo B CK acce-
ptwm fucrit punttum aliguod
A, & ab eo puncto ad corcu-
Lum cadant plures, quiim dus
rella linea aquales A B,
AC, AK, acceptum pun-
Gtum A centium cft ipfins
circuli. )

_ Nam ? 3 nullo punfto
extra centrum plures quim due re@z linez 2-
quales duci poflunt ad circumferentiam. Ergd A
eftcentrum, Q.E. D.

Pror. X,

Cirewls TAXBYL.
circulum IEKFL
in pluribus quim
duobus punttis non
Jeeat.

r Secet, fi feri
poteft, in tribus
un&tis T K L.

}un&x IK KL.

bifecentur in M

& N. * Ambo -

circuli centrum

habent in fingulis pérpendicularibus MC, NH,

& proindein earum interfe@ione O. ergd fe-
cantes circuli idem centrum habent. 2 Q.F. N.

Provr.



Liber 11Y.. . 5®
Pror. XI.

. 8k duo cireuld’
GADE, FABC
Sofe intus contin~
‘gant, atque accepla, i
fuerint eorum cen-
traG, F;ad eo-
rum centra adiun~ -
(tavella ine1F G,
& produlia,in A
contackum civculo-
rum cadet.
Si Geri poteft; re®a F G protra&a fecet cir--
<culos extra contattum A, fic ut non FGA, fed
FGDB fit re@a linea, ducaturG A. Etquia
GD*'=GA&GB*—3GA,/cimreta FGB 4 15. def. m
wranfeac per F centrum majoris circuli) erit GB bz. 3. -
" GDy cQ.E. A, o € 9.4x,

PLor: X1I..

. Siduocirculi ACD, BCE fefe exteriss contin-
gantylinca vells AR que ad coram centra A, B 2d-
Juagitury per contactum C tran:bit. -
ifieri potefl, fic rea ADEB fecans circulos .
extra cqutaétum C in punétis D,E. Duc AC,
CB..crit AD + EB( AC+CB) 2" AD- a 20 1.3
KB 'QEA. b
o F 5 Pgoz..



8 - EUVCLIDIS Elementorim:
Prop. XILL

15 3

CAF cir-

culumBAH:
non taggit in
pluribsspun-
&lis , auim

intus , . Ve
extya shngat
1. Pangat,
fr feii gpo:
teft, intus.
io punétis
A,H. *ery
go reQa
CB, centrm

conne Qens, fi producatur cadet tam jp ;
Bi 15 def. 10 in H. Quoniam igitur CHb = CASJ;;*E:;:
cas5.def.x. CH.eritBA (*BH) " CA. 4Q.E A,
d 9. ax 2. Sin dicatur extorids comtingere in pun&is .
N E & F,sduftare®a EF in utroque circulo erit.

Circuli igitur fe mutud fecant, quod non
ni;ur-. T

po-
h‘op. X I .Vcl \

D ciruls EABC
aquales  velia ‘linea.
. AC BD; equaliter

diftant i centys B.. &
. qua AC; BD eqaali- .
* ter diflant d centro, - .
> qualesfunt inter fe.
Ex- centro E- duc
" perpendiculares EF;

c b
as3ads EG* 2 que bifetabunt AC, DB; conne@e EA-.

bgeas.  5.Hp AC=BD.egd AFP =BG fed & -

EA

Circulus.

une A, ffue




“Liber 1I7. )
EA=EB. ergd FBq ¢ ='EAqQ — AFq = c47. 1. &
EBo—1.Gq <= EGq. dergd FE=EG.Q.E.D, - 3. «x.
2. Hyp. EF== EG.ergd AFq<=EAqQ—EFq=d Schol48.1.
EBq— EGq <= GBq. ergo AF 4= GB.¢ ¢; .
- eproinde AD = BC. Q.E. D.
Prop. XV. S CARe
Incivcalo
FA KB maxima quidem linea
: 7 “cft diametsr AD; ali-
arum awtem ceniro G
propinquior FE r2mo-
I | diore BC femper ma-

N jor eft.
N ! 1. Duc GB,GC.
B Diameter AD (3 2 'S-defir

. GB -t-lg}C) bc~BC p 10,1,
- ’ .E.

. EpL C. CLz Sit. diftantia -

Gl c=-GH. accipe GN = GH. per N duc

KL. perpend. GE. junge GK, GL. & quia-

GK =GB, & GL =GC; éftque ang. KGL-

BGC,cerit KL (FE') - BC. Q. E.D. ¢ 241,

. Prop., XVI.. .
. . ue CD

< F A , ,D al:'{téttremi- .

- tate diame- -

~tri HA cu- -

‘L jusqs civenls

BALH 44’

T angulosretos >
1 ducrury ex-

. tra ipfi cig- -

culim cadet,

& in locum -

intey iipfam -

velfam lifg- -

. ™ am; & peiie -
. g v (I pherid - com-

prehen~—

-~




o

%19, 1,

b1y, 1,

ET C LIDIS Elementorum _

pichenfum altera reétalinea AL nen cadet, @ fe-
micticuli quidem angulus DAY quovis angule acute

_retlilinee BAL major efl; velianus autem DAI
miner.

1. Excentro B ad quodvis pun&tum F in re~.
&2 AC duc re@am BF. Latus BF f{ubtendens.
angulum re®um BAF 2 majusceft laterc BA,
quod opponitur acuto BF A. ergo cim BA(BG)
pertingat ad circumferentiam, BF ulteriis por-
rigetur, ade6que pun&um F, & eddem ratione.
quodvis aliud reG@z AC, extra circulum fitum
erit. Q. E.D.. )

2. Duc BE perpendic. AL. Latus BA oppefi--
tum refloangulo BEA b majus chlatere BE,
quod acutum BAE fubtendi:: ergf‘) punéum E,
adedque tota EA cadir intra circulsm. Q. E. D;

3+ Hine fequitur angulum quemvis acutum,
nempe EAD angulo contaltlis DAI majorem
effe. Item angulumn quemvis acutum BAL an-
gulo femicirculi BAL minorem effe, Q. E.D.

Coroll.

Hinc, reQa A diametri circuli extremitate ad-
angulos rectos du@a ipfum circulum tangit,

Ex hac propofitione paradoxa confequuntur,8.
mirabilia bene multa, quz vide apud interpretes.

Prop, XVII,

lineam K. C duceve , que.
daiwm civcslum DB C

tangas.

centra_ad datom pun.
' Qum A ducatur re@a.
D A fecans peripheriam-

kie per A alium circulum.
BT Y

- A dato punito A veffam-
Ex D dati cireyli;

in B Centro D defcria.




ar——————

Liber IIL o

A By & ex B duc perpendicularemad AD, qua
occurrat circulo AE in E. duc ED.occurrentem
circulo BC in C. ex A ad C ducta reQa ranggee
" circulum DBC., )

NamDB*=DC, & DE*z== DA, & ang. 3 15, &efiss
D communis eft : bergd ang. ACD = EBW, b 4. 1.
redt. “ergd ACtangitcirculum C. Q.E,F. ¢ cor. 1. 3

Pror. X V"I 1L
S civculum FE DC
tangat rella quapiam
 linea AB, i cemtyo an-
. tew ad contaltum B ad-
jangatur vecla quedams
linea FB 3 que adjun-
&afuerit ¥B ad ipfam
contingeytem  AB per-
; z B pendicularis cvit,
Si riegas, fit ex Frcentro alia quxd:fm FG _
perpendicularisad contingentem, * fecabit ea cir- 2 3.def. 3
culum in D. Quum igitur ang. FGE reQus

g . \ cor. 17. 1,
dicatur ® erit ang, FEG acutus ¢ ergd. FE ¢ 1y

(FD) c"FG. *Q.E. A, ‘ 4 9.ax
Pror. X1X, .
A B. S circulum see.

peerit vefta qua-
piam linea AB, a.
contaltu autem C
rectalinea CE ad
mgylps_ rectos i
Langenti excitetur,.
ot in excitata CE;
E Cvit Centrum Citck=

: i
i negas, fit centrumextra CE in F; & ab - F:
. ad conta&um Hucatur FC. Tgitur ang. FCB-. .
rectuscft 5 & 2 proinde par angulo ECB refto 3 27"

b
'y\cx,hyppx_h.A_QE..A.- . R



62 EUCLIDIS Elewmentorum
Pror, XX,

A R

Incivcuto DABC, amgulus BOC ad centrum
dwplex eft anguli RPAC ad peripheriam , ciim [uerit
eadem pevipheria EC bafis angulorum.

Duc diametrum ADE.

Externus angulus BDE 2 = DAB —+ DBA'= .
as.x. 3DAD. Similiter ang. EDOC = 1 DAC. ergd"
b s.r.  “inprimocafu totus BNC =31 BAC, fed in ter-
€ 20, 4X, tio Clﬁl € l'cliq“u’ Ingu.[us B )(.. -3 BAC.

Pror. XXI..

Q.E.D.

In cirenlo ED AC qui in eadein fegmento funt ane -
guli, D AC & DBC funt inter fe aquales. -
1. (4f. Sifegmentum paB¢ {emicircalo fir
majus, excentro E, duc b Ec. Etitqy 2ang. .
220 3o A* =8’z 23, Q.E.D.
. -3, C4f. Sin fegmentum femicirculo majus non .
fuerit, fumma angulorum trianguli Ap ¥ -2qua-
b1g.1,  turfumma angulorum in triangulo scr. Des
€ e, (4f, mantur hinc indé arp b=3rc, & apBe=s -
: ACE,16MA0CDI DAL DB C/-QLE. Dy




EBiber RI1I.. 61"
- Pror. XX1J,

! Ruadiilateso.
B um ABCD ix
civcielo-deferipto-
vii anguli ADC,
ABC,qui ex ad—
" werfo, duobus re
s fint aguales,.
C Duc AC,BD.
Ang. ABC
” BCA +-BAC a3 &
D =12 Re&. Sed
' "~ BDA>=BCA,b 1. 1.
% BDC'=BAC.ergd ABC+ADC=3Re&, ¢ 1. €%
. E.D. .

(ovell, .

1; Hinc, fi ®* AB unum latus quadrilater; * vid. /4.
in circulo deferipi prodicatur, erit angu- #4€4™
lus externus EBG 2qualis angulo iuterno
"ADC,; qui opponitur ¢i ABC, qui eft dein--
ceps externo EBC. ut patet ex 13.1. & 3.2x.

2. Ltem circa Rhombum circulus defcribi ne--
quit § quia adverhi ejus anguli vel cedunt duobys .
‘redtis, vel eosexcedunt,

§CHQAL..

wigli A;8C,.
qur ex adverfo -
-agobus veitis &=
quantut. 5 circa :

guadyilaeyum .
civemlus defcribi-

L poufe

Nam circu= -

lus per q_ufniéi',- :

~ -

G2



a so. def.3.
b6 un

223 3.

b 1o, 3.
&8 ax, |

EVCLIDIS Elementorum

bet tres angulos B,C,D transibit_ &ut patebic ex
§.4. )dico eundem per A tranfire. Nam fi neges,
tranfeat per F. ergd dudis redtis BF,FD,BD; .
ang. C+F *=2 Re&t.>=C—-A ¢ quare A—F.

SQE- A.
Pror. XXIII,

Super vadem ve-
Ealima AC dus
circnlovii - fepmeir~ -
1z ABC, ADC
fimilia & inequa-
lia von conflituentur ad eafdem paries.

Nam fi dicantur fimilia, du¢ CB fecantem
circumferentias in D, & B, & junge AD,ac
AB. Quia fegmenta ponuntur fimilia,? erit ang..
ADC=ABC® Q. E. A.

Prop. XXIV.

Super 2+
qualibs ve(fis

lneis A C,
m (E\ DE fmil
' . ciiculorii fee
(4, et gmEaABC,
B g

DEF funt
inter fe -
qualia,
) ; Bafis ﬁﬁ\C
upecpofita
 SFAD L CF Loy
congruet, quia AC=DF. ergd fegmentum
ABC congrucr fegmento DEF, (alids entm
ant intra cadet, aut extra, * arqué itd fegmen--
tanon erunt fimilia, contra Myp. 3at faltem
artim intra, partim cxtra,adedque ipfum in tri-
us pundis fecabit. Q, E. A. ) <proinde fe--
gmeatum ABCZDEF. Q.E. D.
Pxopy.




Liber 111. - 63
Pror. XXV, ..~ ’
: T Civeuli fegmento
'ABC dato , defiri-
bere circulum , cujus
eft fegmentum.
A (& ﬁsubtendantur lite
I‘ cunque duz reltze
AB, BC, quasbi-
fecain D, & E. Ex D, & E duc perpendicu~
hares DF, EF occurrentes in punéto F. Hoc

erit centrum circuli. i . .
Nam centrum * tam in DF ; quim in EF a (on 13,

exiftit. ergd in tommuni pun&o F. Q. E.F.
Pror. XXVI

A

12 aqualibus civeulis GABC,HLDET aquales an- -
i equalibus peripheriis AC, DF infflunt, five ad -
centra G,H,five ad peripher.B,B conflituti snfifiant.

Ob circulorum zqualitasem, elt G2=HD,
& GC = HF item per liyp. ang. G=H.
*ergd AC=DF. Sed & ang. B* =4 G==«1 ;42 L
Hb=E. dergo fegmenta ABC, DEF fimilia, . ,,;;: 3
¢ & proinde paria funt. fergd etiam reliquafe- d 1o, def. 3
gmenta AC, DF zquantur. Q,E. D, € 24 3.
. f 3. aze
- Scholinm. .
D 14 circulo AR CD, fitar.
cus AB pararcui DC; erit
AD Fam’.l. BC. Nam du&ti
AC,eritang. ACRB=CAD. , 26.1.
uare per 37.1.
¢ WK 3 Proer.
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Q 26. 3.

€ 9. ax,

mo Ao

N W

>3

L
3
b
-
rY

°

&

EQCLIDIS Elementoruns,

Pror. XXVII
B E In equali-
bus circalis
GABC,
HDEF,an.
L Zla «-
ualibus pe-
A 7S D R e A
DF¥ inf-
fiunt,funt inter f¢ equales, fve ad centra G,H,
five ad peripherias By E conflituti infifiant.
Nam £ fieri poteft, fit alter eorum A\GC:‘
DHF. fiitque AGI=DHF. ergo arcus
AB=DF=AC.*Q.E. A :

SCHOL.,

Linca refla
E A F EF, quadulls
ex A medio pune
D /e £f0 peripherie a-
c licujus BC cir~
culum  tangit o
D parallela eff re-
&e linea BC,
que peripheriam
éllam [wbrendit.
Duc é centro
) D ad conta-

&um A refam DA, & connefe DB,DC.
Latus DG commune eft; & DB=DG, atq;
ang, BDA*=CDA ( ob arcus BA, CA ® 2-
quales ) cergd anguli ad bafim DGk, DGC

_ ®quales & 4 proinde rei funt. Sed interni an-

guli GAE, GAF *ctiam redi funt, fergdo BC,
EF funt parallele. Q. E.D.

Proor.



Liber 111 i
Pror. XXVIIL -

- In aquilis
.B 7 E bus  eirculss
o GABC
& H HDEF e
/ guales rella
(o) F linee AC
A . DF zquale;

pevipherias aufcrunty majorems quidem ABC ma-
jovi DEF, minovem autem A1C minort DKF.

B centris, G, H duc GA, GC; & HD,HF.
Cuoniam GA=HD, & GC=HF, arque
AC?* =DF; berit ang. G=H. cergo arcus
ATC=DKE. ¢ proinde reliquus ABC=DEF.

Q. D.

Pror. XXIX. .
: - In equali-
< bus  civonlis

. GABC,
HDEF &
A : qugles periphes
AT 1i% ABC
K~ DEF ¢qu;:

los vectm linew AC , DF [ubtendunt.

Duc GA, GC; & HD,HF. Qp G=
HD; & GC=HF; & (ob arcus AC, DF
* pares ) etiam ang. GP=H; <erit baf, AC=DF.

. E. D.

Mazc & tres proximé pracedentes intelligan-
tur etiam de eodem circulo.

Pror. XXX, )
Datam peripheriam ABC
bifariam fecare.
Duc AC; quam bife-
¢a in D. ex D duc per.
D ¢ pendicularem DB oc-
currentem arcui in B. Dico fattum,
G 4 Jun-

67

a byp.
b 8’.’1.
c 26, 3.

d 3. ax.

a byp.
b 27, 3.
C4 &
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a conft-.
b n.ﬂa.
.C 4 I,
d 28, 3,

L
¥ o
a—
- e -
:

d 10.def. 1.
€ cor. 17, 1,
f 1.3,

£ &

EUCLIDIS Elementoram

Jungantur enim AB, €B. Latus Dg com-
mane eft, & AD>=DC; &ang ADpb— -
CD8B. cergé AB=BC. ‘quarearcus AR =
BC. Q E F. ST

Prop. XXXL

I cirew!oangules
ARC s Qi 2 femi-
circulo,veilus cft; qué
autem in majore fe~
gmento B 2 C, miror
recto; qui vero in mi-
nore fegmento BEC,
major eft veilo. Etin-
Juper angulus majoris
[egments selto qui-
. demn major efly mino<
vis aytem [egmenti angulus, minor eft velto,

Excentro D duc DB. Quiza DB — DA, eric
ang. A2 = DBA. pariterang, DCB*=DBC,
bergo afll. ABC = A 4+ ACB = EBC,
dproinde ABC, & EBCreQi funt. Q.E. D,
tergd BAC acutus eft. Q,E. D. ergd clim
BiC @ BFCf= 2 Re&. erit BEC obtufus.
deniqupangulus fub re&a CB, & arcu BAC"
major eft reGo ABC. fa&us verd fubCB, &
BFCT peripheria minoris fegmenti , retto EBC
$minor cit. Q_E.D. .

) /
SCHOLID M.

- In tiiamgulo veEangulo ABC , £ bypotenufa
AC bifecetur in D, circulus centro D , per A de-
[eriptus tranfbit per B. ut facilé ipfe demonftra-
bis ex hac, & 21. 1, ' '

i
i
!

‘

Pr opr,



Liber 111, 69

Pror. XX XTI,
‘ Si civeulum teti=
genit dliqua velia li-
nes AB, a contatlu
anté producatur que-
dam reia linea CE _
F circwium [ecans: an- '
guwli ECB, ECA,
quos  ad. contingen-
o tem fuit, aquales’
. Jhwt iz, qui in dlter-
4 ws civculs fegmentis
confiftunt o angulis EDC ,EFC, .

SitCD tatus anguli EDC perpendiculare ad ‘
AB (* perindcenim eft ) bergo CD eft dia- 3 2’6. 3.
meter, ergd ang. CED in {emicirculo reGus N
eft. d ergo ang, D-+DCi=Rect, ¢ ECB+ 4 33, T,
DCE. fergo ang. D —ECB. Q. E. D, ¢ contr.

Cumigitur ang. ECB + ECA $ =3 Re&.f 3. on.
8= D _ F; aufer hinc indé equales ECB, & f 13- ©

D, Xremanent ECA=F. Q.E.D. k3
Pror. XXXT1IL :
‘ . Supey de-
1 L - ta velta li-
E @ . naABde
- {crib;re cir= .
S Wli-fegmene
: » wmAIEB,
" gkod capiat
G - angWiii AJB
D T #quden da-
N .oV reangulae-

A raJu{ Cc. .
 Fac ang, BAD=C. P‘éfffA {dycAE per- a 23, 5.
pendiculargm ad HO. ad ‘dlterym terminum

datz AB facang. ABF = BAF. cujus alterum

latus fecec’ AB in F. centro F per A defcribe
circulum , quod tanibic per B (quia :ﬁgg‘l\};}\ .

' . .- >



EVUCLIDIS Elmentorum.

»=FAB, ¢idedque FB =FA ) ; fegmentum
AIB eft id quod quzritur, .
Nam quia HD diametro AE perpendicularis

d cor. 16, 3. cft, dtanzit HM circulum, quem fecat A B. ergd

ang. Alge =PAD f=C. QE.F.
Pror. XX X1V,

. A dato circula

, AvC fegmentum
, - ApC ajcindere
capicns  anplum

- . B zqualems dato
alr)zgulo redtilinco

3 Duc reCtam
EF, que rangat
datum-circulum in A.?ducatur item A faciens
ang. FAC =D, Hzcauterct fegmentom AgC
capiensangulum B <= CAF¢=D, Q. B. F.

Pror. XXXV.

Si in tivculo FBCA due refi.e linea AB, DC
* [efe mutuy fecuerit o veCtamulum comprehe;y}tz .



| -+ Liber 111, 7t
. [fub fegmentis AB, EB unius, equale oft ci quod
! fub fegmentis GE, BD dlterius comprebendstur
rectangulo. . . N .
U .Cafe 1. 81 re@z fefe in centro fecent, res cla-
raeft. .
2, Siuna AB tranfeat per centrum F, & re-
liquam CD bifecet, duc FD. Eftque ReQang, -
AEB - FEqQ *=Frq P =FDq =EDq + 2 5. 2
FEqe¢=CED - FEq. ¢crgo ReQang, AEBD /- 48 1.
=CED. QE.D. - am
3. Siuna AB diameter fit, alterimque CD ¢ 3. ax.
fecet inzqualiter, bifeca CD per FG perpendi-
cularem ex centro, .
Re&ang. AER . FEq.

_\ fEBq (FDy). . £y 3.
A:‘l?r“:ﬁ‘a s EG GD)q. : g 47 I
FGq+* GEq+Refang.CED. b 5. 2.
kFEq—+ CED. k 47. 1.
‘El:g& Re&tang. AEB = CED. oLz
4. 5i neutra reGtarum A, CO per centrum

tranfeat; per interfe@tionis pun@um E duc dia-
metrum GH., Per modo demonftrata ReQang,
AEg =GEH = CED. Q.E.D.

Pror. XXXVL
' D

v Siextea circulum EBC fumatur punﬁum ali-
¢ quod D, ab eoque punito in circulum cadant dua
¢ veitglinee DAy DB; guarum altera DA ¢ c[ldur[rl
. teety
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EUCLIDIS Elmentorsm

fecet, altera vers DB tanget 5 Quwd fub tota fe-
cante DA, & exterins inter puntinm D, & con~
wexam peripheriam affumpté DC comprebenditur
vecEangulum, aqudle erit 6 5 quod & tangente DB
defcribiinr, quadyato. _

“1. Cqf. Sifecans AD tranfeat per centrum E,
junge EB; ? faciet hac cum DB reftum angu.
Ium; quare DBq BB%_( ECq) b= EDq
¢e=AD xD C+ECq-
Dgq. Q_E. D.

1:? c% Sin AD per centrum ‘non tranfear,
duc EC,EB, ED; atq; BF perpend. AD, quare
3 bifeta eft AC in Fl') BBa b DEq b

voniamigiturBDQ + BBq Y =DEq b=
El'?ql;p FDqg‘:: EFq% ADC FC({4=
ADC + CEq (EBq); ® erit BDg= ADC,
Q_E.D.

ergd AD x DC=

Ceroll,

A 1. Hinc, fi i punlte
- . quovis A extra circulum
aflumpto , .plurimz linez
re@2z AB, AC circulum
fecantes .ducantur, reftan-
fula comprehenfa fub totis
ineis AB, AC, & partibus
externis AE, AF inter (e
funt zqualia. Nam fi duca-
tur tangens AD; erit CAF
= ADq*=BAE.

2. Ceafta



" Liber TIL

-
.l

2. Conftat etiam duas
reQas AB, AC 2b eodem
pun&o A dultas, quz cir-
c culum mtrfxiga'nt, inter fe
2quales efle.
Nam fi ducatur AE fe-~ .
cans circulbum; erit -ABq “ 3
3= — 2 36. 3.
‘V...).EAP,_.ACq. P,

3. Perfpicutm quoque eft ab eodem punto
A extra circulum affumpto , duci tantim poffe
duas lineas, AB, AC qua circulum tangant.

Nam fi tertia AD tangere dicatur, erit AD
c=AB¢=AC. ¢ Q. F. N. ¢ 2 oo

4. E contrd conflat, i duz re@z 2qualesd 8- 3
AB, AC ex pun&lo quopiam A in convexam

eripheriam incidanc , ‘& earum una ABcircu- -
um tangat, alteram quog; circalum tangere;

Nam fi fieri potet, non AC, fed altera AD ¢ 3 cor;
circulum tangat. ergo AD ¢ = AC f== AB. f byp.
$Q E. A. : g3

Pxor., XXXVIL '

Si extra circulum EBF
Sumatur punctum D, ab
coque in circulum cadont
duce veFa lince DA, DB
quarum dltera DA civcu-  *
lum fecet , altera DB in
cum incidat 5 fit awtem
quod fub tota fecante DA,

& exterils inter punilum,
. & convexam peripheiiam
A affumpta DC , comprehea-
ditkr rectangulum , equale ¢ iiq“od ab mnchm;

F




74 EUCLIDIS Elmeuiorum
DB deferibitur quadyato, incidens ipfa DB cire

culum tanget. i
a17. 3. Ex 0 *ducatur rangens DF 5 atqugex E cen-
b by. tro duc ED, EB; +F. Quia Drqb=ADC
e 363 <=DFq, 4 crit DB=DF. Sed Ess =EF,
d1.ax & &laus FD commune eff 5 ¢ esgd ang. EBDY
f"é.“,s_‘ ' =—EFD. Sed EFD reQus <,  ergd BBD

{13.ax,  Cliam re@us cft. § crgd Do tangde circulum,
g cor. 16. 3. Q_E. Dy ; S IO

- M s

e cedll, . -
her Minc, Yang. EDB = EDF,

v

L1B,
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LIB. IV.
Definitiones.

RfPIcura re@ilinea in figura vedti-
§ linea infcribi dicitur, clim Gn-
@ suli ejus ﬁﬁurz, quz infcribi-
o\ tur,anguli fingula latera cjus
in qua infcribitur, tangunt,

Sic triangulum DEF «f} in-

A feriptum in triangulo ABC.
11 Similiter & figuracir-
D E o figuram deferibi dicitur

€ clum fingula sjus,qué circums
B 13 fciibitur, latera fingulos ejus
figurz angulos tetigerint, cir-

¢a quam illa defcribitur. ) .
Iti tiwonlum ABC et defiriptum dréa

sriangulum DEF.

A
B ‘ G
\ c

IIT. Figura re&ilinea in circulo inieribi di-
citur, ciim finguli ejus figure , quz inferibitur,
anguli terigerint circuli peripheriam.

I1V. Figura verd rectilinea circa circulum
defcribi dicitur, ciim fingula latera ejus, qua cir-
camfcribitur, circuli peripheriam tangunt.

V. Similiter & circulus in figura re@ilinea
infcribi dicitur, clim circuli peripheria fingula
latera tangit ejus figurz,cui infcribitur.

V1. Circulus autem circa figuram glgfgribi
: .- Ha dicitur,
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dicitur, cim cicenli periphéria fingulos tangic
cjus figurz, quarh circumfcribit, angulos,

VII Retalineain cir-
culo accommodari,feu coa-
prari dicitur, com ejus ex-
trema in circuli peripheria
/B fuering; ut re@a linca AB.

\D

Pror. 1. Piobl. 1.

In dato civeulo
ABC vectam li-
neam AB accom-
C | modare aqualem
date relle lince
D, que circuli di-
amero A Q non
_ fit major,

a . poff. Centro A, fpatio AF=D * defcribe circulum
& 3.5.  dato circulo occurrentem in B. Erit duta
b i5. def. T. ABr—4E ¢=D, Q.E.F. ‘

¢ conftr,,
Pror. I1. Prbl. 2.

o ‘ G A Inda-
. D : tocircu-
{0 ABC

. triangi-

F C. iasc

deftri-

. bere da-

B to tri=

angulo
DEF equiangulum,

b Facang. HAC=E ; b & ang. GAB=F, &
junge EC. Dico fattum. Nam

. 3. Re&a GH circulum datum * tangatin A.
¢



< Liber Ip. S A
Nam ang. B<=HAC ¢=E; & ang. ¢ 12 3.
C=GAB!=F;<quare -¢tixm ang, BAC=D: d cn-.
ergd triang. BAC circulo inferiptum triangulo © 3% ™
DEF aqbiangulum eft. Q.E. F,

Pror. III1. Probl. g'.'

¢ R X
G /\HA
E F

L B M

Civca datum civeulum TABC triangulum LNM
_ defcribere, dato triangulo DEF equiangulum. -

Produc latus EF utrinque, * Fac ad centrum 2 23. n
I ang. AIB=DEG. & ang. BIC=DFH.
deinde in pun&is A, B, C circulum > tangant b 17. 3.
tres re&z LN, LM, MN. Dico faftum. .

Nam qudd coibunt re@z LN, EM,MN, " . - 4
atque ijta trianfulum conftituent ; patet; ©quia's ¥3- %
anguli LAY, LBI 4re&i funt, adedque du@ad 18 3.
ABangulos faciet LAB,LBA duobus retis mi-
nores. Quoniamg igitur ang. AIB - L ez=z & Sebol3zu,
Re& f=DEG+DEF; & AIBs=DEG; herit f 13- 1.
ang.L=DEF.Simili argumentoang M=DFE. § ;"”f;
kergo etiam ang. N=D. ergd triang. LNM g 32, 1.
cireulo' circumfcriptum dato- EDF eft zquian-

: gulum Q.E.F.

Hij3 Provr,
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29. 1.

. b1z, 1,

e eonflr.
d u.ﬂax.
¢ 26, 1,

EVUCLIDIS Elementoram
 Pror. IV. Prebl. 4.

Indato trian-
gulo ABC cire
culum EFG =
[eribere.

Duos anou-~
los B,& C*bi-
fecarectis BD,-
CD coeunti-

B bus in D. Ex

£ Dtduc perpen-
diculares DE; DF, DG. circulus centro D per
E defcriptus tranfibic per G; & F, tangéique
tria latera trianguli.

Nam ang, DRE¢=DBF ; & arg. DER¢=
DYB; & latus DB commune eft, e ergé DE=-
DE. Simili argumento DG==DE. circulus igi-
tur centro D defcriprus tranfic per E, F, G; &

. cim anguli ad E, F,G fint reti, tangit omnia

Pasr, Berig,

trianguli latera, Q.B.F.

Scholium.

Hinc, cogmitis lateribus trianguli , invenicntur
corum fegmenta, qua fiunt & contactibus civculi in-
feriptic Sic, _

Sit AB 12, AC 18, BC 16. Erit AB—w
BC=28. ex quo fubduc 18=AC=AE~+FC,
remanet 10=BE—+BF. ergd BE;, vel BF=y.
proinde FC, vel CG=11, quare GA, vel
AE:?- .

Pror,
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Pror. V. Probl.’5. .
A A

Circa datuin triangwium ABC cirulun FABC -
defcribere. v
" "Latera quavis dus BA, AC * bifeea perpen-
dicularibus- DF, EF concurrentibus ia F. Hoc
_erit centrum circuli
Nam ducantur re&z FA,FB, FC, Qaoniam
AD'=DB; & latus’' DF communc efl; & ang. b confhr.
FDA < =FDB, derit FB=FA. eodem modo ¢ ewnft- &
FC=FA. ergo circulus centra F per dati tri- e
anguli angulos B, A, C tranfibit, QE.F. ¢ % &
N L 4

: Convll,
¥ Hinc , £ tdangulum fueric acotangulum, * 3¢, 3.°
.centrum cadet intra triangulum) fi reGtangulum,
in‘lams re&o angulo oppoficum; i denique ob-
tulanguhwn, extra triangulum,

aro,& 111,

' Schol.

7 EBidem methodo defcribetur circulus, qui
tranfear per data wia punda, non in una refia -
linea ¢xiftentia. . )

: , H g4 Pror,
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EUVCLIDIS Elemuntorum

Propr. VI. Pribl. 6.
Indato circulo
A D EABCD gus
dratum ABCD
inferibere.

2 Duc diame-
tros AC, BD
fe mutud fecan-
tes ad angulos

B refos in centro

. - E. junge harum
termines reis AB, BC, CD, DA. Dico

~ faGum.

b 16, 3.
€139, 3.

d 31 3.
€ 329, defr.

a1y, 3.

b 18. 3.
¢ 28, 1.

4 34, 1.
€ 15. def. 1.
£ 29, defi 1,

Nam quia 4 anguli ad E re&i funt; b arcus,
& ¢fubtenfz AB, BC, CD, DA pares funt.
ergd ABCD zquilaterum eft ; ejiisque omnes
anguli in {emicirculis, adedque d re&i funt, © er=
g0 ABCD ecft quadratum, dato circulo infcri-
prum. Q.E.F. - :

Pror. VII Probl. 7.

Civca datum cir-
cxlum EABCD
quadyatum FHIG
defcvibere.

Duc diametros
AC, BD fe mu-
td fecantes per-

' endiculariter. per
R X harii extrema *duc
Q tangentcs coneut-
rentes in F, H,I, G. Dico fa&um, Namob -
angulos ad A, & C b refos, ¢ erit FG parall,
HI. codem modo FH parall. G1. ergé FHIG
eft parallelogrammum; & quidem re@tangulum,
fed & mquilaterum , quia FGé=HI¢=BDe=
CAY=FHI=GI quare FHIG cft f quadra-
tum, dato circulo circumferiprum. €. E.F.
: SCHOL,




- Lober IV, - "8p
. SCHOL .
: Quadratum ABCD cir-
. A E B culo circum’criptum  du-
> plug-eft quadrati- EFGH
' H circulo inferipri..
- C D : Nam reftang. ' HB=a.
* °G »~ HEF. &HD=2HGF,
. per 41. L.

Pror. VIIL Probl. 8..

A H ©  Im dato qua-
" drato ABCD cir-
ewlum 1EFGH.
. in'cribere. ’
@ ,Latera quadra- -
ti bigea. in pun--
. Qis, K, F, G.. -
) ~ junge HF, EG,
B - C [fele fecantesin 1.
: F cicculus centzo 1.
per H-defcriptus quadrato inferibetur.

Nam quia AH, BF pates.ac b parallelee , o, ..
funt, € erit AB parall. HE ﬁarall. DC.eodem b 34. 1.
modo AD parall,. EG-panall, BC. ergd 1A, ¢ 33. 1
ID, 1B, IC funt parallelogramma. Brgé-
AHY=AE=HI=EI=IF=IG: Circulus jgi-d 5 4x
tur centro I per H defcripras. transibit per e 34 s..
H,B, F,G; ta;gétque quadratj latera, cim ape.
guli ad H, B, F, G fint redi.. Q.E.E
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Pror, 1X. Probl. g,

Circa dae
tom quadra-
sum ABCD
circilumEA=
BCD defiri-
bere.

Duc dia=
metros AC,
BD' {ecantes
in E. centro
Eper Ade
_fcribe circu- -

lam.. Ys dato quadrato circumfcriptus cft.
;‘:":"3"" Nam anguli ABD, & BAC * femire&i lunt;
T Yergd BA = EB. codem modo EA=tD =
EC. Circulus igitur centro E defcriprus per
A;B,C, D dati quadrati angulos ranfit.Q.B.F.

Prop. X, Probl, 10

Ifofceles
trian u-
ier ABD
sonfiiineye,
qrod babe=
&l utvungs.
eovum que
ad  bafim
Junt anctea.
loiur B
ADB 4
plurs veli.
g A,
Accipe:
namvi
ahn relftam AB,quasi 2 féca in C, itd ut A]?xﬁ(;;
TG Centro A per § daduibe circulum ABD-
- - . ¥

=
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‘in hoc ® accemmpeda BD == AC, & juhge AD. |, o, 4
erit triang. ABD quod queritur, ‘
.. Namduc IXC; & per CDA «deferibe circu- ¢ . 4.
. Jumn, Quonism ABx BC:=ACq. ¢liquer BD d 37 3.
wangerecirculum ACD, quem fecar CD. cer- £ 32-3-
- gd ang. BDC =A. ergd ang. BDC+CDA%= . 1,'%
A 4+ CDA=28CD. fed 53DC 4+ CDA=<h 5.1.
BDA» =CBD. kergo ang. BCO=CRD. k 1.ex. *
ergd DC '= DB == AC, 7 quare ang .CDA=1! ¢- ol
A=BDC . ergd ADB = 2 A= ABD., "
Q.E.F. = :
. Corodf.
Cum omnes anguli A, B, D© conficiant £ 0732.1.
2 Re@. (2 Red. ) liquet Acele § 2 Redt.

Propr.X 1. Probi, 11..

In duto civculo ABCDE pemtagonum aqulie-
“yum & equiancelun AisCDE inftrboe, '
* Deferibe triangulum Holceles EGEH, habens , 1o 5
wirumque anguluﬁxm ad. batin dupla anguli '
-ad verticein, ® Huic zquiangiiurm CADinke i-
be circulo. Angulos ad batin ACD, & ADC
¢ biieca retis DB; Ce occurrentibus o crie o g g,
rentiz in B, & €. connelterettas CB,BA AL,
. Dico faciu
ED, Dico factum, Nom.

bi.4.
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d 26.3.
¢ 29.3

£ 27.3
£ e

Par, Herig,

EUVCLIDIS Elemensornum

Nam ex confrliquet quinque angulos CAD,
CDB, BDA, DCE, ECA pares efle; quare ¢
arcus¢ & fubten{z DC, CB, BA, AE, DB x-
quantur, Fentagonum igitur 2quilaterum eft.
Eft verd etiam 2quiangulum, fquia ejus anguli
BAE, AED &c. infaftunt arcubus 8 zqualibus
BCDBE, ABCD, &c. T

Hujus problematis praxis facilior tradetur ad
30,13, : ‘

Corell., .
Hinc, angulus pentagoni xquilateri & zqui=
angulifzquatur} 2 Reg. vel§ Red. e

Schol. :

Univérfditer figura imparium lateruminferibun=
tur circulo- beneficio triangulorum Hofvelium, quo=
rum anguli aquales ad bafim multiplices funt eorum,
qui ad, verticem [t anguloruwis parium very late~
rum figure i civeulo infcribmtur ape Ifofcclium trie
angulorum, quorns anguli adbafim multiplices, fef-

quialteri (int corum, qué ad versicem funt, asgule-

1M,
C in triangulo Jfofce~
le CAB, fiang A =3
€ =B ; AB erit latus
Heptagoni. Si & == 4 C3:
, erit AB latus Enneago-
, f/ ni, &c. Sin verd A =
A 11C, erit AB latus qua~
drati. Bt § A= 2§ C
@btendet AB fextam partem circumferentiz; ipa-
l&t&f.rqu:_ fiA= 3% C; erit AB latus oagoni,

Drom.

e

Ky reemgrrniunagh,

!
M
1
1
N
N
)
'
§
i




Liber IV. . - 8%
ProPr. X11. Probl.1z. \

eI,

Civca datum: circw'um FABCDR peatagonum
wquilaterum & rquiangw'um HY KLGde{hibm.

- 3 Infcribe-pentagonum ABCDE 2juilaterum o 1y, 4,

& =zquiangulums duc ¢ centro re&as FA, FE,

FC, FD, Fg; iisque toridem perpendiculares

GAH, Hn1,ICK, KDL, LEG cancurrentes
fopun@isH, I, K, L, G. Dico faGum. Nam

quia GA; GEex uno pun&» G btangunt circa- b eori16. 3i
Jum, © erit GA = GE. 4 ergd ang. GFA == ¢ 2..36.3.
GFB. ergdang. AFR = 2 GFA,. codemmo-d 8. 1.
doang, AFH — HFr; & proinde ang. AFB=

2 AFH. Sedang, AFE ¢== AFB. fergd ang. ¢ 37.3.
GFA = AFH, fed & ang. FAH ¢ —FAG; f 7.4

& latus FA eft commune , Bergo HA = 2/ G== ',: f-‘ :
GE == EL, &c. k ergd HG, GL, LK, KT, & 2. o,
FH latera pentagoni 2quantur: fed & anguli

etiam, utpote! zqualium AGE, 'AHF, &c.du-1'33. &
pli; ergd, &e. C )

L4

: Corold,
. Bodempalto, Siin circulo quacunque fizura:
aquilaera & zquiangula deicribatur, & ad ex-
tema. fmidiagerotum. ex. centro.ad arﬁ!lo&

o
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du&arum, excitentur linex perpendiculares, hae
perpendiculares conftituent aliam figuram toti
dem Jaterum & angulorum aqualium circulo
circumfcriptam, .

Pror. XIIL Prebl. 13.

A . Indate penta-
gono mquilatero ,
R < | & & aquianculo
ABCDE «iicu—
B E lun FGHK in-
Jeribere,
K Duos penta-
goni angulos A,
3.8 H - &B2 l?ifccare-
&is AF, BF co-
) C 1 D . curteatibus inF,.
".Bx ¥ duc perpendiculares ¥G, FH, FI, FK,
FL. Circulus centro F per G defcriptus ranger
@nnia pentagoms latera. . :
b by Duc FC, ¥D, FE. Quoniam BA®=1R8C;
¢ cafir. - & lates BE commune eit; & ang. FBA <=
4 4 1. FBC, derit AF =FC; & ang, FAI'=FCB.
¢ by Sed ang. FAB ¢ == { BAE ¢ =% BCD. ergé
ang. FCB = BCD. eodem modo anguli totae
+ - lesC, D, Eomnes bilk@i funt. Quum igirur
fi1ne  ang. FGBf=FHB; & ang, FBH = FBG, &
g 36,1, latus FB tit commune , § ecic FG == FH. fimili-
tecomnes FH, FI, FK, FL, FG xquantur. ¢r—
6 circulus centro F per G defcriprus tranfit per
h e, 36. 30 %l, 1, K, L; ® tangirque pentagoni laters, cim.
anguli ad ca punéta Lint reéti,. Q. E, F,.

Corokl. .

Hiiw, fi duo anzuliproximi figure zquilafe..
1 & zquiangulz bifecentur,& 3 pun&o,in. juo
cocunt linez angulos bifecantes, ducantur {ic&z_

. nex-



linex ad reliquos figurz angulos, omues anguli
fAgurz crunmre{g% DgLs, S ang
Schol, )

Eidem methodo in qualibet figura aquilatera
& xquiangula circulus defcriberur,.

Prop, X1V, Prob. 14.

€irca datum Pentagonum equilaterum , € a<
wigagulum ABCDE circulum FARCD defivi-
re.. " :
Duos pentagoni angulos bifeca re&is AF, BF
concurrentibus in F. Circulus centro F pet A
delcriptus pentagono circamfcribitur, - s
Ducantur enim FC. FD, FE. *Bile&i it:iq;-‘I . 13040
funt anguli C, D, E. "erg6 FA, F8 FC FD ¢, 1"
FB zquantur, crgd circulus centro F deferiptus,y
per A, B, C, D, E, pentagoni angulos trans.
ibito Q. E. ¥ . )

- Schal..
"gidem arte circa quambber figdrem 2quila.
tecam, & ®quiangulam cicculus.defccivetur,.

. a2 Eropy.
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Pror. XV. Probl. 1%,

A In dato civculo G&
ABCDEF  hexago~
o UM O aquilaterim,
F & aquiangulum AB~
CDEF infuribere:
Duc diametram
AD, centro D per
£ centrum G deferibe.
cirenlum , qui datum
fecetin C, & B, duc.
diametros CF, EB.
junge AB, BC,CD;
DE, EF,FA. Dico
' _ faGum.
a3 Namn ang. CGD * =} 2 Re@ * == DGE’=.
b 1s.1.  AGF*=AGB.cergd BGC=142Re&. =FGE.
€ conid. Lo d ergd arcuse & {ubtenfz AB, BC, CD, DB,
: ::' ; EF @quantur.. Hexagonum igitur zquilaterum
L 14 . - f H [
§17,3 - cft: fed & zquiangulum, fquia finguliejus an=
guliarcubus infiftunt zquaiibus. Q. E. F.

Coroll,. .

1. Hinc latus Hexagoni circulo inferipti femis
diametro 2quale eft. '
3. Hinc facilé triangulum 2quilaterum ACB
in circulo deferibetur. , ,

co Schol. Probl.. ’ .
Andy. Tacd.  Hlexagonum ordinatum fuper dard vectd CD is2
a1, - confirues. 3 Facriangulum CGD.zjuilaterum
fuper data- CD. centro G per C, &.D defcri-
be I;irculum, Is capiet Hexagonum fuper dita.

. QD R .

Prog.



Liber IV. v 8
Pror. XV 1. Piobl. 16.
A

Indato civculo AEBC quindecajonum aqu'la-
terum & aquiangulum infiribire. :

Dato circulo inferibe pentagonum zquila- 4 o, ,,
terum AEFGH; b itémque triangulum 2qui-yp 5 .
laterit ALC.erit BF latus quindecageni quafiti,

Nam arcus AB<eft 4, vel 2 peripheriz cu- c confir,
jus AF eft § vel £ ergo reliquus BF = {; pe-
riph. ergd quindecagonum cujus latus BF, 2-
quilaterum eft; fed & zquiangulum, ¢cim fin-d 27. 3,
guliejus anguli arcubus infiftant 2qualibus,
quorum unusquifque eft 3 totius circumferen-
tiz, ergo, &c.

Schol.

Circulus di C4,3,16 &c. per 6, 4,& 9, 1.
viditur Geo- )3,6, 12, &c, per 19,4, & 9, 1,
metricé in $,10, 30,&c. prr'11, 4, & 9,1,
partes _15,30,60,&c.per 16,4 & 9, 1.

Carertim divifio circumferentia in partes datas
etiamnum defideratur; quare pro figurarum qua~
rumcung; ordinatarum conftrutionibus (2pt ad
mechanica artificia recurrendum eft, proprer
quz Geometre practici confulendi funt, ,

13 LIB.
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LIB. V.
Definstionts.

g3 Ars eft magnitwdo magnitudi-

g nis, minor majoris , cum mi-
’42 nor metitur majorem,

& 11 Multiplex .autem eft
major minoris, cim minor
metitur majorem.

T11. Ratioeft duarum magnitudinum ejul-
dem geric:is mutua quazdam fecundimn quanti-
tatemn habitudo. )

In omni satione ea quantites, que ad aliam ye-
Sertur, dicitnr antecedens vationss3 ea vers, ad quam
alia veferiur, confequens vationis dici folet. wt in
vatione 6 ad 4; antecedens eff 6, & confequens 4.

" Nota,

Cujusque vationis quantitas innotefcit dividendo
anteceacntem per confequentem. wt ratio 12 ad -
effortur per 2& item quantitas vationis Aad B ef

%. Qutre mon rard breviais causi , quantitates

vationum fic defignamus, % vl =, vel = g-,.

bec eft ratio A ad B major eft vatione C ad Dy
vel o equadis, vel minoy. Ruod probe animad-
vertat, quifquis bac legere volet. :

Rationis, five proportionis [pecies ac divifiomes vi-
dg apud imterpretes,

1 V. Propertio verd ¢ft rationum fmilitude.

Reclins que bic vertitur prepovtio, proportiona~
litas, ffve analogia dicitur 5 mam prozortso idem de-
motat quod ratio, wt plevisque placet.

V. Rationem habere inter (e magnitndines
dicuntur ;" quz poffunt multiplicitz. fe mutud
faperare,

VL In



- Liber V.
E,13. 1A, 4.B. 6.1G,24. * VI In es-
F, 30. | C,10. D,15.| H,60. d& ratione ma-
' gnitudires  di-
_cuntur effc, prima A ad (ecandum B; & rertia

C ad quartum D; cim primx A, & tetiz C

zquemultiplicia €, & F 4 fecund 1, & quar-
tx D zquemaliplicibus G, & H, qualifcung
fic. e multiplicatis, wrrumque E, F ab utrog;
G,H vel und deficiunt, vel unid zqualia funt,
vel uni excedunt, i ea fumantur E, G; & F,/
quz inter fe refpondent.
Hujus pota eft ;2 ut A.B 2 C.D. boc eff
A aiB,e&r C ad D ineadem funt vatione. ali~
quando fic [oribims® =5 idef, AB:: C.Di
VIL Eandem autem habentes rationem (A, B2
C.D) proportionales vocentur. o
E,30.{ A, 6. B, 4.} G,18, vil. Cum
F,60.| C,12. D, 9.1 H,6.3, verdé zquemuls
' tiplicid, E mul-
tiplex primz magnitudinis A excefierit G mul-
tiplicem {ecund2 B; at F multiplex tertize C
non excetlerit H multiplicem quartze D tunc
prima A ad fecundam B majorem rationem
habere dicetur; quim tertia C ad Quartam D,

Si % rg » acceffarium mon eft ex bac definitio-

ne, st B fe excedat G 3 quwm F minor
qu,im H; ﬁmeditur boc fieri paffe. ¢

T.X. Proportio autem in tribus s¢rminis pau-
ciffimis confiftit, Quorum fecundn efft inflar
duorum.

X. Cum autem tres magnitudines A, B,C
proportionales fuerint prima A ad tertiam C
dﬁE icatam rationem habere dicetur ejus, quam
habet ad fecundam B: at quum quatuor magni<
tudines A,B,C,D, proportionales fuerine.prima
A ad quartam D triplicatam rationem dl;:bere

ctur

(.}

Kot
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dicermr ejus, quam habet ad fecundam B3 &
femper deinceps uno amplius, quamdiu propor-
tio extiterit. ) ,

Duplicata ratio exprimivae fic &= bis. Hoc
eff, ratio A ad C duplicataeft rationss A ad B.
triplicata autem fic %:% tey. id cft,ratio A ad
D rtriplicataeft ratioms A ad B.

£ denetat continué proportionales.at A,8,C, D3
item 2,6,18, 64 funt = .

X 1. Homologz feu fimiles ratione magni-
tudines dicuntur, antec:dentes quidem antece
dentibus, confequentes verd confequentibus.

Ue fiA.B:: C.D;tam A, & C; quimB &
D borologe magnitudines dicuntur.

X 11. Alterna ratio, eft fumptio antecedentis
ad antecedentem , & confequentis ad confe-
quentem, :

w fir A. B C.D. ergo alterné, vel permu=

tasdo, vel vicifim A, C ii B. D. per 16. 5.
- It bac definitione, & §. fequentibus impanuntur
womina [ex modis argumentandi, quibus mathemz-
tici frequenter utuntur; quarom ilationum vis in=
wititnr propofitionibus bujus- libri, qua in explica-
Sionibus citantur,

X 111. Inverfaratio, eft fumptio confequen-
tis ceu antecedentis, ad antecedentem velut ad
conlequentem.

- vt A.B:: C.D.evgd universé, B.A :: D.C,
'ﬂ' Cor. 4, §.

X1V. Compofitio rationis, eft (umptio an-
tecedencis cum confequente, ceu uniug, ad iplam
conlequentem. ' .
. st A8 ::C. D, ergo componendo,A~+B.B ::.
C-D.D. per 18. 5,

X V. Divifio rationis, et fumgrio excefsiis,
quo confequentem fuperat antecedens, ad iplam
confequentem, ut



. Liber V.
. 7t A.B:: C.D. ergd diuidendo, A~B.B ::
C-D. D, per1z. 5. L |

X V 1. Converfio rationis, eft fumptio anre-
cedentis ad exceffum , quo fuperat antecedens
ipfam confequentem. ,

- 26t A.B:: C.D. ergd per converfam rationem,
A.A-B: C.C-D. pevceor.19. 5. :

X VIIL Ex zqualitate ratio eft, fi plures
duabus fint magnitudines, & hisaliz mubiw-
dine pares, quz binz (umantur, & in eadem
fationg; cim ut in primis magnitudinibus pri-
ma a?ulrimam, fic & in fecundis magnitudini=
" bus prima ad ultimam (efe habuerit, Vel aliter:
fumptio extremorum , per fubdu@ionem me-
diorum. ’

X V 111. Odinata proportio ef‘t‘, ciim fue-
rit quemadmodum antecedens ad confequencem,
jtd antecedens ad confequentem: fuerit eriam ug
confequens ad aliud quidpiam , ird confequens
ad aliud quidpiam. .

vtfi A.B::D.E.item B.C:E.F. eritex

equo A.C:: D.F. per 21. 5.
X 1 X. Perturbata autem proportio eft 3 cim
- tribus pofitis magnitudinibus, & aljis, quz fint
his mu'titudine pares, ut in primis quidem
magnitulinibus (e habet antecedens ad confe-
quentem, itd in fecundis magnitudinibus ante-
cedens ad confequentem ¢ ut autem in primis
magnitudinibus confequens ad aliud quidpiam,
fic in fecundis magnitudinibus aliud quidpiam
ad antecedentem. . .
. #tfiA.B:: F.G. item B.C::E.F.evig cx
aquo pertusbate A.C 1 BJG. per 33. .
X X. Quotliber magnitudinibus ordine po-
fitis; proportio prime ad ultimam componitur

ex proportionibus primz ad fecundam, & fe--

cunde ad tertiam ,& tertiz ad quartam, & itd

deinceps, donec extiterit proportio. si
' ing

93
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EVUCLIDIS Elementorum
Sint quotcunque A, B,C,D3 ex hae def,
A_A_ 3 !
?—8*Cc'D
Axioma,

emulsiplices eidém multiplici funt quoqf
ine:ﬁ: zquemultiplices,

Pror. I

A G ¥ B, E_
C 1 K D g

Si fint quotcuaque magnitudines AR, CD»
wuetcungue magnitudinum By € aqualium mmero,
Singule [ingudarum, aquemultiplices 5 quim multi=
plex cfumus B uns magnitudo AB, tam multi-
Blices eiunt & owmes AB+CD omnium EF.

Sint AG,»GH, HB partes quantitatis AB
ipi E ®quales, item CI,IK, KD partes quan-
titatis CD ipfi F pares. Hacum numerus il-
larum numero zqualis ponitur. Quum- igitur
AG4+Cl5EwF;* & GH4IK=E+F;* &
HB+KD=E+F,liqu.t AB-+Cu 2qué mule
toties continere E++F, ac una AB unam E con-
tinet, Q E.D. '

Pror.
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Liber -y e
Proe. 11. C
Sé prima AB fecunda C agué
Juerit multiplex, stque tertia DR
qusria Fs fueric autem & quinta
BG fecwrda C eque mulsiplex,
atgue fexta BEH quarta F, erit
& compofita prima cum quinta
(AG) fecunde C aqué mutsi-
Plex, arque tertia cum fexta (Du)
quirte F. .
Numerus partium in AR iph
C =zqualium 2qualis ponitur
numero partium in DE ipf F
zqualinm, Ytem numerus par-

tiurn in BG ?oni:ur 2zqualis numero pastiym

in EH, *ergo

numerus partium ia AB+BG a 2. ax.

#quatur nimero partium in DEwEH. hoccft
tora AG zquemultiplex eft iplius C, atque to-
ta GH ipfius F. Q. E. D. ’

X
. M
+H
4L

'lc

T

tur zquemultipl

Prop. III.

Sit prima A fecunde B
aquemislisplex, atquz tertia C
quirte D; fumantur autem
E1 BM equemdtiplices pri=
ma & tetie; erit & ex

U0, flunpt arim urvaque iy~
usque aquimultiplex : diera
quidem EX fecunda B, altera
auted M quarte D,

Sint EG, GH, HI par-
tes multiplicis EI iphi A
_pates; item FK, KL, LM~
partes mulriplicis FM ip
C zquales, 3Harum nume- a k-
rus illarum numero 2qua-

BB ECD tar, portd A, id eR EG,vel.

GH, vel GI ipfius B poni--
ex atque C, vel FK&c. ipfius D.
bergd
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b ergd EG + GH aquemultplex eft fecundz
B,atque F'K ~ KL quartz D. ¢ Simili argu-

mento BEI ( EH

- HI) tam multiplex eft

ipfius B, quim FM ( FL - LN) ipfius D.

Q. E. D.

Prop. ITI1I1,

. T

B 4
lices,atque L, &
l;. def. E.G: :’ F.

Si prima A ad fecundam B
eandem habuevit rationem , &r.
tertia C ad quartam D 3 etiam
E& § equemultiplices prime
A, & tertie C, ad G, H
equemitiplices [ecunde B, &»
gaarta D, juxta quanvis mul-
tiplicationem, eandem habebunt
vationem, 1 prout ister fe ve=
[pondent , ita [umpta fueriats
{ E.G:: F.H. :

Sumel, & K iplarumE, &
F; item L &M ipfarum G,&
H zquemultiplices, * Brit X
ipfius A Zquemulriplex atque
Kipfius C ; ? paritérque L
tam multiplex ipfius B quam
M iplius D. ltaque ciim fit A.
Bb:: C.Dj; juxta edef. fi
I, =, 2L confequenter
pari modo K =, =, 2 M,
ergéciim I, & K ipfarum B,
& F (umptz fint zquemulti-
Miplarum G & H; erit juxa
H. QED. -

AN

Hine demonfirari folet inverfa ratio.
Nam quoniam A. B;: C. D, (i E =, =,™

quod



« . - Liber¥. - - o7
qudd fiGr~, 5, E, efle Hew, =, = .
f,ergéB.A::dR:. Q,.D. 3 =7 dé. def. s,
| L Pror Ty, T ’

.

- & o ——faeed S} METHIUdD
a A—_'__. B B AB asaitudi-
5 . 1 B D .omis CD aqué
fuerit multiplex, atgs ablata AB ablara CF; etiam
veligua EB reliqua FD itk multiplex erit, uttera
AB totius CD. : :
Accipg aliam quandam GA, quy relique FD.
it2 Gt multiplex, atquetota AB totius CD, vel
ablata AE ablatz CE. 3ergd tota GA + AE* * 5+
totius CF;—+ FD zquemultiplexeft,acuna’AB
unius CF. hioc eft;acAB ipfius CD.b ergd GE=® & o=
AB. ¢proinde, ablaid communi AB, manet GA¢ - &=
= EB. ergo, &c. .
. "Prod®. VI :
DY Si dea magnitudines AB . CD
r - duarum magnitudinm E,F fint e-,
. quemnltiplicesy & detralta quadam.
- Jint,AG & CH,earundem €, B
- G H“‘tqnemltiplicc:, & religue GB,
HD cifdem B, F ant aquales fust,

h aut aqne ipfarum multiplices.
9. § Nam quiz numerus partium in
AB ipfi E zqualium ponitur 2-
. qualis numero partium in C D ipfi
_ " F#qualium. Item numerus par-.
. l tium in AG 2qualis numero pa-
A E F C tium in CH. Si hinc AG, indé
CH detrahatur, * remanet numerus partium in 2 3. &,
reliqua GB zqualis numero partium in HD,
¢rgo i GB fit E femel, erit HD etiam C femrel.
SiGB It E aliquoties,erit HD etiam C #fuo-

ties accepta, QE.D.

K Prop:’
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Pror. VI ~

bent rationem; & eadem C ad-aquales A € B:

" Sumantur D, & B zgualinm A, & B zque-
multiplices; & F decunque olriplex ipfius C,
¢ erit D =B, quare fi D g, == F, erit fimili-
ter B, =, =2 F.bergd A. C:: B, C.inveri¢

* jgirC. Ac:: CB. QE. D, - -

Schel, oo .
Si loco multiplicis F fumantur duz aque-

__ muldiplices,eodem modo oftendetur zquales ma-
gni

a conf,

by,

c 8.def. 5.

ines ad alias inter ¢ zquales eandem habe-
re rationem, - . B
Prop, VIIL
 Insqualium magnitudizum AB, C,
major AB ad eanders D mujorem vatso-
* Wem babes, quam mimy C. €t eadem D
‘Y ad minoverh C magtrems vationem bbet,
quim ad majorem AB. . .
Ex majori AB aufer AE &=Cr fp-
matidr HG tam muliplex iplus’AE,
D vel C, quim GF reliquz FB. Mal-
Y tiplicetur D, donec ejus mulriplex
major -evadar quam HG, fed wintc

quim HF,

C
I
4 Quoniam HG ipfius AE*fam mul-

M
tiplex eft, quim GF ipfius EB, ® etit
* arque una HG unius AE, vel C.ergd
G

ipfins D) fed HG » IK, © erit
-AB C D .
I")"c'ﬁ QE: o

Etr
' tota HF totius AB aquemultiplex,
T omBF - IK (que multiplex eft

J’
=K _ Rurlus



Liber V. - o9

' RmfusqquKrHG,atIK =1 HF (uw
prilis diGtum) d erit D D
. - C BQE D

Pror. 1X.

4t ad eandem eandemn babent rasionem,
es ﬁmt inter fe. Et adquas eadem ean-

} \ qmarm”m, tequegue fkntinter [t
A

1, Hyp Sit A.C: BC. dico A=B.
B¢ Nam tA:_—, vd—;B * erit ided 4 8,3,

-é S vel'-: & contra Hyp.
:ﬁ: Hyp, SétC B: C A, dicc A=B.nam
ArBo Crgogr cx:cqanyP‘ ! b '- S¢
Pror. X:

- Ad eandem magnitudinem varionem bz-
bentium, que majorem vationews habet, ila
major eft: ad quam vers eadem majorem ra-

\ tionem babet, slix miner ef.

ABC & HP Slf%,_—-—- Dico Ac~ B. Nam ~
G diatur AB, 'cntA C: : B. C.contraa 7. 4.

_Hyp. SinA B, _"ema—; =, etian Eontra b&.5
Hyp
2. Hyp. Sxtg-,-_--—g Dico B=1 A. Nam dic
B.—A. ergéc B + C. A, contraHyp vl €7 5

C
dic l_! :' A¢ e;go i c B Gtiam contra Hyp. d &.75.

.

Xa Pror.
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o -PROP. XI.‘ .

-

G H I

A C: E

B—— D F

X L M -
.:{u: cidem [unt eadem rationes, & inter fe funt
eadem.

~ Sit A.B::E.F. item C.D:: B.F. dico

A.B:: C.D. fume ipfarum A, C,E 2que-

multiplices , G;H,1;-atque ipfaram: B, D, F .
a hp.- ©  gquemultiplics K, L, M. Et quonism
b6 deffe 3AB:EF fi Gy, K. ¥ erit pari mo-

do I o=, M, paritérque quia * E.F :: C.D.

Si I, =, =3 M, *erit H Gmiliter .=, =3L.
¢ 6.def. 5. ergo'fi G ,=, 72 K, erit fimiliter H ey =,

, =3, L. cquare AB: C.D. QE.D,

Schal. ,
Quz cifdem rationibus funt ezdem rationes
funt quoque inter fe cedem. - - .

Pror. X11.
G H 1
A - c Z
By~ .’ Do | P
Ko L M—=

8t flnt magmiiudines quotcunque A, & B; C &
D; E,&F tionales, qucmadmodwm fe ba-
bucrit uia Weatium A ad unam confequen-
tium B, ita fe babebunt omnes antecedentes, A,C,B
ad_ommes conf-quentes. B, D, F.

~48ume antecedentium zquemultiplices G,H,T; &
: & Xonftquentiom K, L, M. Quoniam quim ¥
et diwhipléx eRuna G cnius A, 3 tam multipli- -+
¢es funt omnes G, H, I omnivm A, C, E;pa- -
ritérque quim multiplex eft una K unius B, -
* tam multiplices {unt omnes K, L,M omni~.
va B, D, F; SiGrey,=, =K, et ﬁmi(l;m'
i
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Ga+Hale,= 23 K+L+M bquachead s
AB: A+C~E B4+D~+F. QE.D.

S : G . -
* ‘Hinc, fi {imilia proportionalia fimilibus pra-
portionalibus addantur , tota erunt proportig-
nalia, ' o
~ “Pror. XIIT. .

G H I — .

A © G E : 3

B D . P —

K———— L ————— M : A

" 83 prima Aad fecundam B eandem habuciit

Wﬁ tertia € ad quzitam D; tertia ve- R
L Cad "quartam’ D majorens babuciit vatiosens; ©

~ quam quints B ad fextim ¥ prinsi quoque A ad

_lecuzdan B majovem. vationem babebit, quim quine
ta Badff;lfm F. ) ﬁuk
. Sume iplarum A, C, B =zquemultiplices
G,H,I:i ['an’xmque’ ‘B, l,),F zquemultiplices
K,L, M. Quia AB::C.D; SiHL,%erit a 6.4dsf 5.
GK. Sed quia %E:‘%, b fieri' potel Wt fity 8, def. 5. -
‘HeeL:, & I nong~ M. crgi fieri poteft ur

.G:-K, &Inonc*M, ©ergd i—é";- - QED. ¢ 8.4f. 55

SCHOL.

. Ql_‘:‘ d6 %_:;i,‘, erit quoq;-%-—;?-. Ttem

€ B _.A _E A_C fg
cpoE-aitpcE. & ﬁnjbj‘? etit
g - '

K3 " Prors
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Pror. X]IV. :

Si prima A ad fecundam B eandem
babucrit vatisnem , quim tertia € ad
quartam Ds primavers A, quim tevtia
C major fuerss, erit & fecunda B major
quim quarta D. uod i prima A fu-~
erit equdlis tertie C, erit & [ccunda B

| aqualis quarte D; ffverd A minrgtr B

miner erit.
185 Sit AcC. tergd Bl *fed
€157 A BRCD %:g- . ¢ergd —;-:r:. dergo BD.

d10.g,  Simill argumento fi A—C, 4 erit B=D. Sia
€75 PomgxrB_B 5 ergd Cbn_ ¢:ABf:C.D.
t byp. 4 —1). ),
t:st»s- 8 .Quz E.

‘ SCHOL.

A fortleri, g-—;g, stque Ac-C, erit

B D. kemfiA=B;erit C=D, B i Acm,
vel =3 B, erit pariter C -, vel 2 D

Proz. XV.

 Paytes € &'F cum paviter myltipli~

P‘ € cibus AB, & DE in udmfw%—.
one s fi preut fibi mustud vefpondent, itd

Jumamur. ( AB. DRgg: C.F. ).

Sint AG, GB partes multiplicis
AB ipfi (l:z uales D itn;xﬁ DH,HE
artes multiplicis DE iph F zqua-
‘ r:s. 4 Harumpnumer'us illaram nume-

.

& byp.

»7.5 ro zquftur. ergd quum b AG. C::

< 17:.,5. ACDF DH.F; l'ataﬁ n.qé :: HE. B, cerit
AG..GB (AB). ~+HE (DE ) :: C.F.-
QE. D.

. Pror.
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Pror. XVI L
aa'mgumdmr A, B, C,D p:qoom-

oule: fumnt & ik m Proportionles erunt.
( A.C2 B. ﬁ ) ﬂ.
Accipe B, & F ztgcmuluphces ipfarum A, -
& B.i ue C,& D. zqucmultxplxces G,
& H. rtaqtie L, B4 é& B.» E}:‘D‘ :GH. oS
Quire i B 7, =, ‘cmﬁm iter ¥ o=
S H. fegd A.C€:ED. QED. ’74”,’ ¥

scHOL. d 6. df. 5

* Alterma rarit locum cantim habet, quando.
quantitates ejufden funt generis. Nam Howso--
genex qnanutatesm cogpparaatur,

Pxop. X\ﬁ(II

N .. i Shoompofite-maguitudines prow:
A {)mmlb Juevim (AB. C‘g .
1. .o E\EE)W‘I’“"I"”’WW’W"

. 1 tiogales evunt.. (AC. CB -
L E.FE.)

o L Aecipe GH, HL, IK, KM,

s Ordine zquemn uphces ipfarum
b A"C’CB) D%F%x“cm LN’
gaack % « ®quemulgiplices ipfarum

B, FE. Tota GL totius AB,
L itam mql(xplex eﬂ', quim tind a 1. §7
B - i“" GH. unius A, %id cft quim b confir.
] g} IK ipfius DF; ¢hoceft quam ¢’ 1. 50

I‘ i tota IM. totius DE: Irem HN

CTrp | (HLaLN)ipfusCB¢zque-d a. 5.
1. [ E mpluslex eff, ac KO ( KM+

) ipfius FE. Quum igit
¢ & 1 1 per byp. ARy chubg,p.gi
CL ?G}::—, = -;\]HN,euamﬁ-
: ot K 4 militer
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¢ 6. def. 5. militer ¢ erit IM =, =, =1 KO, aufer hinc in-

fs. ax,
L6 afs.

2 17.5.°

b by &
JLs.

¢ 14 S.
49 ax.

s by, -
b 16' O
€ 17. 5.
dbp.&
S

. de zquales HL

KM, fireliqua GH o-—,—
LN, ferit fimilicer 1K r_—,_.,—,.\MO,ldn-
de AC CB::DF.FE. QED.

Pror. XVIIL
R . Sidivifa mgmtadzm: [int proportioe

c nales ( AB.BC :: DE. EF ), he quoqs
compoite  progoriionales erunt ( AC.'
|| CB:DF.FE.).

1 B T Namf fieri pateﬁ ﬁt AB CB i
. DF. FG—FE. * c:gh " erit divifim’
AB.BC t: DG. GE. "? boc ef DG.

AD ‘cerit GF .- EF. Q.B.A. Simile
abfurdom fequetur, i djcatur A8, CB DE.
GFc FE. : .

P}OY. 'XIX. -

c - Si quemadmodim o+

“——’l'-;" g 148 AB ad totum DE;

D [ it ablatum AC [ehas

: : bueru ablatum DF}

& nliqmm CB ad reliquum’ FE totum AB
ad toium DB, fe babebit. =

Quoniam * AB. DE :: AC. D’F b erit

mutindo AB.AC:: DE DE. cergo dmﬁm

AC.CB :: DF. FE. quare rurfus bpt:rmman-

do AC. DF CB FE;. ‘Hoc cft ABDE:;

CR FE. QE.D
Q (‘ml

1. Hine, fi fimilia propomon;ha ﬁmdxbus
propomoiuhbus fubducantur, refidua erunt pro=
portionalia, ,

2. Hinc, demonfirabitur converfa vatio. )

Sit AB. CB :: DE.FE. Dico AB. AC ¢
DE. DF. Nam?* pcrmntando AB DE:: CB’
FE. bergd AB. DE :: AC. DF. quare itérum
permutando, AB. AC:: DE. DF. ng. D.

R0P.

.GF :: DE. EF. ergo cip DG-DE..



- Liber V.
Pror. XX.

Si fint tres magnitudines A,B,C;
. & alie D,E,F ipfis aquales ru~
 mero,qua bine & in ealem vatio-
ne fumantur ( AB:: D.E; atque
’ BiC:E.F)} ex aguo autem
prima A major -fuerit, uim teriia
C; erit & quarsa D major quam
fexta F. Quid fi prima A certie
 AsCDEF Cfuri aqudiss evit & quarta
- D aqualis fesd F. Sid illz mi-

. mov, hac quoque minor exit, .

1. Hyp. SiAc C. Quoniam * E. F:: B.C, 3 b

- ¥erit inversd F.E :: C.B, <Sed %—1—3 dergd b cor 4.5,

[ ‘I)’. &

R A ) . 5.
£ vel go ¢ergd D F. QE.D. d/“rball"
3. Hyp. Simili argumento, Si A-2C, often- € o5

detur D—F, .

- «3. Hyp. Si A‘:C.ngniﬁin FE:CB:f7 %

" #A,B::D.E, serit D=F. QE.D.

‘ Pror. XXI. .
[. - 8i fint tres manitudines A B,C;
A & D:E,F ipfd aquales ru-
- mero, qua bine & in eadem vatic-
= ne fumantuy , fuciitque pevturbara
eorum_ propoitio, (A.B :: E.E.
catque B.C :: D.E. )3 ex #que
antem prima A quim tertia C mi-
Jor fuerits eric & quarta D quim
Jexta B major 5 Quid fi prima
Jucrit tevtiq aqualis, evit & quarta

—
B e

ABCDEE-

“aqualis [exta; fin illa minor, bac quoque minov eri.

1. Hyp. A = C. Quoniam 3 D.E :: B. C, a

< , D .C._ A
invertendo erit E.D :; C.B. atqui i
) (Y CE ey

. om
b3 s
5} '

by

- f

gL 5 &
9. 5
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B .
¢ fchol.x3.5. ¢ €rgod %—:%, ho eht 7o ;l. ergd D F
Q.E.D,

2. Hyp. Similiter, Si A=C.grit DoF.

. Hyp. Si A=C. Quoniam E.De:: CB::.
3A3.B_::]¥_E.F. serit D=F. QE.D,

Prop. XXIIL.

S5 fint quetcunque magniii-
dizes A,B,C; & dbd ;pjir
rquales numero D.B,F, que

- bina & in eadem vatione fi--

mantur ( AR D.E: & B.

.CuEF); & ex aguali~

tate in eadem vatione. erumt
(A.C:: D.R.)..

Accipe G,H ipfarum A,I>y:

& I, K ipfarum B, E;, item,
L,M iplarum E, F zque.
multiplices,

Quoniam * A, B :: D, B, .
-veit G.I::H. K. eodem

modo, erit, 1. L :: K. M, er-
0fi Geo==,~a L, cerie
Loy M dergd ALC e
D.F. Eodem patto fi ulee-
riis CIN 2 F, O ; erit ex.

agwli AN::D.O. QE, D..

Proy;

§

|
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Liber V.
Pror. XXIIL

Si fint tres magmitudings A,B,C;’
{ aliaque D,E,F ipfis aquales nu-
mero , que bine in eadem ratione
[umantus , fucvit autem perturbata
earum proportio, (AB :: B.E. &
B.C :: D.E.) ctiam ex equalitate

i eadews vatione eviit.
Sume G,H,T ipfarum A,B,D;
ftem K, L,M:ipatum C,E, F
2quemultiplices. erit G.H 3::

o>
o]
k4!

=~aK erit fimiliter =, o= —M.
¢ proinde A.C :: D.F. 'QE.D.

\ \ fe juxta 21. §. quare § G,

\

I magnitudinibus tribug, &c. .
. Coxed.. . .
" Ex*bisfequitur,rationes ex-iifdem rationibus

107

A.Bb::E.F2:: LM.porrd quia @ 1§ &
PB.C:uDE.erits H.K L. Db -
ergd G,H,K's & I,E,M habent € 4 5-

Eodem modo fi plures fucring 4:6. 4 5-

compofitas efle inter fe &aldem. . item, earun- :;’;f, a(} i
. dem rationum ealdem partes inser {oeafdem cfis.

‘Pror; XXIIIL .

A ==  Si prima.AB.ad fe-
S, > C canden C elude;:- babue--

iame—— F H. UL vaBionem: qudm terita
¥ , E_ DE ad quartam ¥3 babu:- -
7id antems & quinta BG ad fecundam C eandem -
vationem, quam [exta EXL ad. quartam F:5 cisam -
compofita prima cum quinta ( AG) ad feeundam
G eandem babebit rationem, quam tertin.cum fcxta
( DH ) ad quartam F. - '

Nam quia? AB: C :: DE.F. atque ex hyp: , 4,

& inversé C.BG:: F.EH, erit bcx 24uali b2z, 5

AB, BG;: DE,EH. ergd componendo AG..

BG:: DH.EH. ¢jtem BG. C2: EHL. F. ber- ¢ by,

go surfusex 2qu0, AG.C :: DH.F, QED..

Prop..

. o»
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Pror. XXV.

S# quatuor magmmdmu propertic=
nales fuerint ( AB.CD :: E. F.)s
maxima AB, & mirira F reliquis
CD, & E mayores exunt.

Fiant AG=E ; & CH=F.

" Quoniam A B, CD3:E.Fb::

AG. CH, cerit AB.CD :: :GB.

HD; dfed ABr:CD =erg6

. ‘ GBc-HD. atqui AG+F=Ex-

f, ;,’ ¥ ACEF CH. Cr% AG_F+GBcE~+

¢ fohiki4 5. CH.+HD. hoc cit AB4+FcE—+
’ 'CD .B.D. ‘

equuntur propofitiones non funt Eu-

clidis ; fedqcx aliis J:fumptz ob frequentem ea-

rum ufum Euclidzis fubjungi folent.

_ Pnor. XXVE ‘
A- C- * Si prima ad fecun=
f D—- dam habuerit sajorem
proportionemquim tey-

tia ad qaartm shadebit convertends , fecunda ad-
primam mingrem proportionem , quam quarta ad

- e A _C B
St g, Dn'.o K'—“é':.' Nam qucxpt_:

' C_E vA _B
by p=g oo i:rf,: bquare A &, E. cergd
c8. 5. B_B .
é ‘,,,,;4, $ A5 ‘vel : QE.D.
‘ ~ Proe. XXVIL
A C— Si prima ad fccm.
e b dam habuerit majorcm
> praporumem,ﬂmmm.

s ad quartam, habebit quoque viciffim prima ad
Lertiam majarem proparsionens (mm Jecunda ad
qearLup .. Sig

.

ST
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W wer'r . tog
_ Sit —-:‘D - Dico’ ch Nampm ..._s

2ergd A:-E."ergo ...:-_. cvd_, Q}’..D a -o ;.

: Pror, XXVIIL e

6‘ g
D E F

. 8i pmmad Jecundam babueric majorems propor~
Lionem quim teriia_ad quartams babebic quoque
compofica prima cum [ecunda ad [ecusdam majorems
 proportionem, quam compoﬁta tertia cam quarta ad
quaftm,

Sit A2 ﬂ; Dxco :gr“ Nam ‘05“"

BC
1¢ergd AB o GB. adde utrmque BC a ey,

GB E

BC —EF..
- Perit ACr_-GC cergd — 3C 3c dhoceft’ ﬁ-_ ; 8&5;»

Q_F. D.

T

_Pror. XXI1X.”

\

G B O

P A ' hER ! D b r .
Si compofisa prima com fecinda ad fecundam ma-

1o/em habueris projortionem, quim compo,ita teriia

‘cum quarsa ad quartam, babebit quoque “dividendo

prima ad fecundam majoverm pio;: ortioncm quanm tei=

- &ia ad quarian,

C
SxtA-'— c-DE

OC
b E-—F- ergd ‘ACt GC. aufer commune a ;o'.i

\ AB_GB DE °
b ¢ d el = ¢ 8.
BC,b wit AB:'GB.~ €rgo :‘-BC vel 55,8 ]7'55’

QE. D, L Proke..

o A T i
s tellige
Dxco e In
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EUCLIDIS Elewentorsm

: Pror. XX X. :
] Si compefita pri-
e 7‘m.,.,:§
B e B ¢
B mm preportis-
new, quim cmpoﬁ-

sx tertia:cum quaria ad quartam
soxuerfionem rationis, pmm cusp fecundz adl pnm
minorem valionem o quim tertia cum guarta ad
tertiam’ c
. AC _DF: A B .

St g;:ras. Dico x;:‘ﬁ”n-D""‘ Ee
AGs_: B_DE .
BC "‘BF dmdmdo 3 (E. < converr
o o B e o
43 “bp. UBD..

Pror, XXXT .
A ;‘-. “8i fink tres
- B "I wdisms ABC, &
P dia ipfs aquales
H— numwers: D, E, F;

 sitque major propor-
tis prime prisrum ad j'mmiam squim prima poffe- -

" vierwm ad [ecundam ( = :_-- ) item fesund e prie

oram ad tettiaom major, auim fmazdc pefieriornm
o uﬂm ( Ec‘-:-:- ).Erltqnquex aqudlitate
major proportia prime pmmm ad temm,qum pré

me Mmmadtcrm ( cSE )

Concxpc -"-- etgo BI’."G- .ag :é' i
Rntfus pota X s -. ¢qgo —;% dtrgo fortike
,g':& ‘Quam A;:Hs proinde c”c vl D
QE.D.. !’50?:-



Liber 7.
Pror. XXXIL

K D Si f fut tres )Mgmm-
g—"'—' %‘_’:"' dines AB,C; & alie
G ’ - ipfis mquales DB,
H sitque major propertio
prima priovum ad f¢--

cx;;dm, gquim [ecunde pofieviornm ad tevtiam

(3c ) item fecunda priosum.ad. tertiam. ma-

Jorsquim prime pofictiorum ad fecundam; (,- o5 )

eritquoque ex mpuhme major propertio prime pm-
vum ad mm,qym pnmqaﬁmorm ad tevsiam. .

g':;"x} demondt pland fimilis cft
ujufce ratio de-.
mooflrationi pracedentis. .

Pnor. XXXII‘I
Si fumt majoy propovts -
"_—"l—"" Lotius ad tetwm CD,,
SARE A d:m AB ad abla-
¢ ) D ?um CE. &t ¢ reliqui
BB ad religuum FD mae

M3

jor ynpmm,qum totius AB ad totxm €D, . : bF
AB3 _ A8
Quonism = oo &3, b it permunndo < 5,‘ 5‘

‘3 o ‘EP ¢ ergd per converfionem rationis .

cn AB _ EB
nx" m pecmmcando igiter. & ! 2 B
QRD -
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EVDCLIDIS Elementorum
Pror. XXXIV.

A b— " 8ifint qua=
& F ~ cunque magri-
G Hemmrommm ~ 7 ° t(cdtgm,z‘r G-
e ipfis equa-

les yumero , sitque major proportio prime priorum
ad primam poficrioram, quam (ecunda ad fecundam;
&~ bac majorquim tertie ad teriiam, & fic dein-
ceps: babebunt omnes priores fimul ad omnes pofie-
wiores fimal , majorem proportionems , quim omnes
priores, veliéta primdy ad omnes polteriores, velicli
qusque Prisids minorem awtem, quim prima priorum
ad piimam poftetionsim; majorem deuiqs etiam quim
sltima priovum ad ultimam pofteriorum,
Horum demonfiratio cft penes interpretes, ques
adeat, qui eam defiderat. nos omifimus , brevitatis
wfiudioy & quiaillorum. nulbus wfus in bis clementite.

i LTR



S § ¢ TR
LB VI
: o Definitiones.
£ ... B G SO

LI
“ v

WP Imiles figuiz reilinez Tunt
ng .9 DCE 2 q,z &\lah- -l
[© gulos fingules fingulis 2quales
. %qbcnt; atque etiam latera,quz
® circunrangulos zquales, pro-
o ionalia. ’
.. Ang. B= DCE & AB. BC::: DC. CE.
itpmang. A=D); ayque BA. AC:: CD. DE.
denique_ang, A_@B & E. aiquée BC. CA::
CE.ED. :
ST 11 Reciproce au-
: N __tem funt ( BD, BF),
tlcim in utraque figura
antecedentes, & confle-
quentes rationum ter-
- minifuerine, ( hoc'eft
AB.BG ::EB.BC.)

111 Secun-

A X ime B} dm extremam
Q & maediam ratie

onem re@a linea AB feQa, effe dicitur, ‘{ﬁm ut
tota AB ad majus fegmentum AC, itd majus fe-
. gmentum AC ad minus CBfc habuerit. (AB.
-AC:: &C,.CB)Y : .

L 4 1V. Ali-



114 EVUCLIDLIS Elmentersm.

A 1V. Altitudo cujulq; 6~
: ch:& linea perpen~
icularis AD , 3 vepicc A
ad bafiy BC dedpia.
B c , ;

V. Ratio ex rationibus componi dicitur,cim
rationum quantitates inter fe multiplicacz , ali-
quam cffecerigt rationem. . :

Ut ratio A ad C, camponitur ex vasionibus A

au‘:.dcf.s. 3B &,ndcl _{l'_,li'_ A."__e‘B"
bas.s.., 5 *¥MPFBTETC TRe

Pror. L .
Triangula ABC,

CD, & pavallelo-
ganma BC AR,
FA, quoram.eas

dem fuerit altitad,

A i #a [e babent inter fe,
A )} 8 Lg esBC,z:.‘lzl.

P A ipe quotvis BG , HG ipi BE esp
idem DI =CD. & conne@e¢ AG, AH, Al

I LR * Triangula ACB,ABG, AGH 2quantar; b i~

tem triang, ACD = ADI., ergd wriangulam

ACH tam multiplex eft trianguli ACB, quim

bafis HC, bafis BC. & xquemulsipleg eft tria

ang. ACI trianguli ACD,ac bafis CI bafis CD,

:/""';“g-“: cmiginr § HC o=, =,=3 CI, * erit Gmiliter

¢ 4i.r & trisng AHC o, o = ACE, d-idebque BC,

15 5 8&: : triang. ABC, ACD: ;¢ pgr. CE.CF.

.

sebel



I-Imc, trianguls ABC, DEF, & parallels-
. gramma. AGBC, DEFH, quorum aqaales funt
i;fa BC,E F,:ufgbmutlxmdms ALDK.
2Sume IL =CBs & KM —EF; ac )ungt:a 3.1

_ LA, LG,MD, MH. liquer efic trinng.. Am,."
DEF:: ® ALL.DKM::c Al DK::4pgrid 41.1. &
-AGBC.DEFH. Q. E.D. 15. 5.
" Pror. 1l
A Siad umum tri
latus BE pmlld:}uaa fmz

veltaquadam linea DE, hac
© proportionaliter [ecabit ipfimg
nmsﬁlclateu( AD.BD::

: Et [ irianguli 14-
Ph——AR tmt ag?r.tmdftit:: fecta fuer .
BE\}c ri® (AD.BD:: AB.EC)

nadfc&mmD B adjuniia
fmmifa ﬁmDE erit ad veliquum ipfius tridne
gdi latws BC a[lda. Ducantur CD, BE.

1. Hyp. mmang. DEB*= DEC; b erit 2.1
triang. ADE. DBB {: ADE. ECD. atqui b 2. 5.
criang. ADE.DBE:: AD. DB. & triang. ¢ 1. 6
ADE.DEC*:: AB. EC. dergd AD. DB4: d 1. §-
AE.EC.

2 HyAn Quia AD.DB:: AE. EC. ¢ hoc e 1. &
eft iriang, ADE. DBE : : ADE. ECD;
¢ erittriang. DBE — ECD s agé DE, BC £9.5
fumyu » Q ED, 5“83’ -
chol.



W6 EUVCLIDIS Elememornn
Schol.

Imd, 6 plures ad unam tmnguh latus garal~
lelz du&z fuerint,crunt omnia laterum fegmen..
ta proportionalia, ut facilé deducitur ex hac.

Pn or. IIL
Si tviamgali BAC &
BAC bifariam fectus ,fe-
cans autem augulum recta li-
nea AD Jecuerit & bafim,
bafis [egmuenta eandem habe
lmntrmmr, ‘quam reliqua
"R D C ipfastriangui latera( BD,
DC:: AB.AC.) Etfibafs /'egmmumndm
babeant vagsonem qmm veligua ipfius tyianguli late~
+ - ra(BD.DC :: AB. AC.)relalines AD,
avertice A ad j'eﬂxmm D ducma, bifariam fecat
trianguli ipfius angulum BA
Produc BA; & fac AB_.AC & junge CE.
" 1. Hyp. Quoniam AB = AC,erit ang. ACE -
251 *>=EP=fBAC<=DAC. ‘crnglf CE
b 321, g:allclz funt. ¢ quare BA. AB (AC)
d 39,1, C. Q— D
816 8. Hyp. Quoniam ®/A. AC. (AB)"BD
fas. DC ferunt DA, CE paralléle: 8 ergd ang,
’,’- . BAD=E;&a ?Acb‘L:&ACE ":dl;_:,*c:-
e
gdang, RPAD=DAC, bileCtus igitur eft ang
kLe 2aC. QE.D. L

-Pror. 1V. ‘
wAquisagulorim 13}
torum ABC, DCE pro-
portionalia funt latera, que
civcum aquales angulos B,
DCE(AB.BC:: DC.
. CE, &c.). & bomologa
B C E ﬁm’mma\n DC &e
qu aqualibus angulis ACB E &c. fubtmdguw '

tatue



Libere v - - my -

Statue latus BC in direGmm lateri CE, & .
produc BA, ac ED donec? occurrant. ’& 3.1, ¢

(zxtxon_iam ang. By= ECD, ¢funtBF,CD r;.fx.
paratlele. Ttem quiaang, BCA b=CED #funt ¢ 18. 5,
CA. EF parallele. Figura igitur CAFD eft
parallclo%amma. 4ergo AF=CD; ¢&ACd 34 1.
= FD. Liquetigitur AB. AF (CD) ¢:: BC. € * &
CE. f permutando igitar AB. BC :: CD. CE, f 16. 5.
eitem BC.CE :: FD. (AC) DE fergd per- ]
mutando EC.AC:: CE.DE, quare etiam gex & 22 5+
‘zquo AB. AC :: CD. DE, ergo, &c. :
o " Coroll, )

Hinc AB.DC :: BC.CE :: AC. DE.

“Sthol. )

Hincfi in triangulo FBE ducatur uni latesi F8

parallela AC; erit triangulum ABC fimile toti

FBE. g -
Pror. V., . 'd.
Si due triang-
A D la ABC,DEF
Latera proportions.
Bl Flishabeant (AB.
. BC::DE, EF
, . & ACBC::
- / DF. EF. item
B Ca \ ABAC::DE

DE ) aquiangula erunt triangula, & aquales babe-
but cos angwles, fih quibus bamologa lasera fubten~
dunsut.’ : o

Ad lams EF * fac ang. FEG = B; 3 &ange 2 33. 1.
EFG= C, ® quarc étiamang, G = A. ergo b ;z:‘x-
GE. EF ¢ :: AB. BC :1 4 DE. BF. © ergd § gp.'i
GE—=DE. Item GF.FE ¢:: AC. CB ¢:: ¢ yi.5.°
DE. EE. ¢ ergo GF =DF. Triangula igitur & 9. 5.
DEF. GEF £ibi mutud zquilatera func. £ ‘ergd f 8. 1.
ane. D=G=A.' & ang. FED=FEG = B. _
$ proinde & ang. DFE = C, ergd &c. g 3%l

Paor,
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EUCLIDIS Elementorumw

Pror. VL

‘ 8i duotrians

'a ABC,

EFummu—

gulion B uni an-

gxlo DEF -

qxden,zb' ciy=

. uales ane

<G , DEF
la:mpnpmmha babuerint ( AB. BC:: DE.
El:.) g erunt triangula A‘BC, DEF
ebunt_angules, [ub_quibus bmdoga

lmrd ubmdamr.

Adlatus EF facang. FEG =B; & ang EFG
=C. 'updc& . G=A.ergo GB. EFb::
AB.BCc¢: DF. EF dergd DE == GB. atqui
ang. DEF¢—B‘ GEF. sergd ang, D=
=G= A, * proinde ctiam ang. EFD = C.

QER.D
Pxor. Vi _
-8 dus trigngula

ABC, DEE wmm
angulem A uni angu-
lo D equalem, civca
aten al'os angulos
ABC, E laievapro-
pormmlm babeaue

( AB BC:: DE. EF); reliquorum autem fi~
wirungue C, F ant minorem, ant non_sminovens
nt?a wia ermnt mmgul. ABC,DEF, &~
¢qulu babebuxt -eas angmios, civcuns qwfra)artu-
palia [ant latera. .

Nam £ fieri (g_teﬁ, fit ang, ABC k. fac
igiturang. ABG=E ; ergé cim ang.A * == D,
berit etiam ang, AGB== F, ergd AB. BG c:
DE.EF:: AB.BC. ¢ergo BG=BC. ferg 6

17,1, ang. BGC ¢BCG. $ergd ang, BGC. vel C

minor



. : Libker p 1. Iy
minor eft tefoj tproinde ang. AGB, vel F re- g ¢ 13,1
&o major eft. ergo aniluli s & F non fuat ¢-
jufdem fpeciei, contra Hyp.

. . Pror. VI,II.

Si in triamgulo re-
A &angulo ABC,ab an~
gd; g&o BAC in
- bafin BC perpendicu-
leris AD dudta eft 3
. quedd p’;‘r}t:dAimlﬁ-
. v = yers tria »
jg - ‘g[p c fADC,lu_u tati trian
" gulo ABC, tism ipfainter [e fimilia funt.
gulaNmn a’ng. BAC'\'_g. BDA*=CDA. & .., ..
ang. BAD® = C. & CAD bz B. ergo perp 33, 1,
4.6, & 1del. 6, . S ‘
" Lonoll,

Hinc 1. BD.DA¢ ::DA. DC. ¢ 1, def. 6,
2, BC. AC:: AC. DC. & CB,
BA. ::BA.BD.

”PRdP. lx'

-

, 5 A nﬁtg refla

y . bpea AB in-
5 - < peratam partem
3 AG auferre,

Ex A duc
fafinitam AC
utcungs,in'qua

fume tes 2 3.1
K& 3 AD,DE,EF
anque, jur FB, cui ex D+ (’lzqunl!s_"du!--b Y
cunque, junge cui ex u clam; b 31 1.
DGq. D'icbfag&um: - ' pere
. Nan GB. AGe:: FD.AD, érgdécom= § 36
ponendo AB.AG ¢ : AF.AD.ergd cim AD=<} ©
AF,erit AG = § AB. Q.E.F. Pror.
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2 B Provr. X. i
Datam veitam lineam
AB infellam- fimiliter
- fecare (inE,G ), wt
B ‘daa atera AC, fefta
fuerit (in D.E.)
Fy s Extremitates fe&z
. F U8B ginfeaz jungat re&ta
a 3. x.  BC. Heic ex punétis E,D * duc parsllclas
EG, DF re&tz leccundz occurrentes in G, &
F. Dicofalum. =~ - )
2 Ducatur enim DH parall. AB. Eftque AD.
baé DE*®:: AF, FG, & DE.EC®:; DI.]JH ¢ :2
; 3;" L& FG»GB- Q-_Eo F- . ’

Scoolikm,

HinC.WM reslamdatam AB in quetvis e-
quales partes (puta §. ) fecare. id quod facililis
‘praeftabitue fic. . - ‘ :

\

i _ ,
| Duc infinitam AD,¢iq; parallelam BH etiam

! . “infinitam, Ex his cape partes 2quales AR, RS, .

SV, VN; & BZ,ZX, X T, TL; in fingulis und
. - - pau-



Liber VI, 12X
pauciores, quim defiderentur in ABs tum re&
ducantur LR, TS, XV, ZN, h2 quinquife-
cabunt datam AB. . ,

‘Nam RL, ST, VX, NZ * parallele funt, 2 33. .
ergd quum AR, RS, SV, VN baquales fint, b conftr.
€ erunt AM, MO, OP, PQ_zquales. Similiter ¢ 2. 6.
quia BZ=ZX, erit' BQ=QP. ergd AB. quin«
quifeda ¢&. Q.E.F.

Pror. XI.
o Datis dubua

D veftu lineis AB

AD. t;:ltiam

oportionalem

A B C %I}’! invenire,

Junge BD,

& ex AB protra&i fume BC=AD. per C

duc CE parall. BD. cui occurrat AD pro-
du@a in E. Erit DE expetita,

Nam AB.BC. (AD) 1: AD. DE. QEF. 2 %

Vel fic, fac ang. ABC re&tum
& ang. ACD- etiam re&um.: -
beric AB.BC::BC.BD,  bwr o

~

M Prcd.
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2 1%, 3.

b 'l‘,- 6 .,

E ‘UQLIDIS Elementorum.
Pror, XII

- -

-

- canturenim AF, & FB, Extrianguli+:etan

. ‘Tribus datjs rectis lintis DE, EF, DG, qutr-
tam propoviionalem GH iwvenire.

. Conne&atur £G, per F duc FH panall, EG,
cui occurrat DG produ@ia ad H. liquer effe

DE. xtF*:: DG. GH, Q,E.F.

D Ve iti. CD=CB.4BD ad-
A@ E apta circulo. Circino fame AB,

* Erit ABXxBE==CBxBD. ¥ qua-
C - =.AB,CB:uBD,BE .

Pror. XIIIL
Duabus datis ree

F &is lineis- AR BB,
mediam  proportio-
 ndem EF adinve-
i

. re.
A "EB . Supertota AB
diametro defcribe femicirculum AFB. Ex !
erige perpendicularem EF occurrentem peri
phetiz in F. Dico AE. BF :: EF.EB. Du

guli
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puli] AFB refto aggalo; dedudta e ¥R baf
' perpcndpicular\iss Yergo AE. FR ::FE. EB. b ar. 8.6
E.F. .. .

Il
i

. ¥inc, linea re@a, quz in circulo 3 quovis
- pun&to diametri, iphi diametro perpendicularis
" . ducitur.ad circumferentiam ufque,media eft pro-
-« portionalis inter duo:diametri fegmenta, - -
7. Pror, XIV. -
L o Aqualinm ; &
H wwm ABC i
: EBG wqmalem ba-
O bentium anguliins 5
" BD, BF recipraca
] Junt lnsera,qua cive
. S s cwm aquales angw-
dos. (AB.BG ::EB.BC) ¢ E: quorum paral-
l‘e'l’?vmmm,BD > BF upum angulum ABC .
angulo EBG equicws babentium , reciproca
Junt Latera, qua ciraum aquales mgdaf, illa Yumt
ia ;

‘Nuni favera: KB, §G circa #Guales angulos
ﬁiant unam reftam, * quare EF, C etiam in
re@um jacebasit, Producantur FG, DC; do- 8 fib.15. 1.
nec-oeGurrane, v - e o bure
“a. Hyp. AB. BG b :; BD. BH%s: BF. BH4:: ¢ 7. 5.
BE.BC.tergd, &, ° ' cde
" 2. HypBD.BH f1: AB. BGS:: BE.EC i § ;'
. BF.BH, % ergo Pgr. BD:=BF. QE.D, g byy.
k

M2 Pnbg.



124 - EUCLIDIS Elementorsm
, . Pror. Xv. ~ 7 :
A : Agualinm, & U
ABC, uri DBE e~ |
. qualem babentits angu—~
Lum triampulorii ABC,
DBE, reciproca .funt
C latera, que circum «-
S ;qualazxghlu (AB.
BE :: DB. BC): Es.querim triangulotum ABC, .
DBB, wmum angulum ABC wni DBE aqualems
bhabentism yeciproca [kut lntera, qua circum equa-
k:u:ibn_gulu ( AB. BE :: DB. BC) , illa funt
aqualia. . -
. Latera,CB, BD circa zquales angulos, fta-
fcb. 13, 1, toantur fibj in diceGum ; 2ergé ABE eft re@a

[

1.6, linea. ducatir CE.
€73 - 1 Hp AB. BE® : triang, ABC. CBE
‘e in.g. S triang. DBE.CBE. 4 :: DB. BC. ¢ ergd,&c.
PN 2. Hyp, Triang. ABC.CBEf:: AB.BES::
ﬁ byp. DB. BC b:: triang, DBE, CBBE. X erg6 triang.

Pror, XVI

’B H e

FECA . BE F

© ' S§ quatwor ve€le linee proportionales fuerint
(AB. FG :: BF, CB),, quod fub exteemis AB,
CB comprebenditur rectangulum AC aqudle oft ei
guod [ub mediis EF, FG comprebendituy 5 recian-
gu'o EG. Etfi fub extvemis compichenfum yeétan-
gulsm AC eguale fucvit ciy quod fub mediis com-
prebendisur, sectargulo EG, ila quatuor velia e
proportionales eiwws (AB. FG i EF. C~B.).H

’ 3, Hyp.
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v Liber " WI. - - “« 12§

1. Hy). Anguh B; & F reli, ac‘promde 212, ax.
sarcs funt; atque ex hyp AB FG EF. CL.

lyp. © Re@an lg7 . AC= EG atque ang. ¢ b]p
B"'F*dcrgOAB. G:: EF. CB . D.d14.6.
“ Coroll,

Hinc th datalm re&ém ]xnleim AB facile eft
datym’ retangolum B plicre, ¢ faciendo ¢ 6 & 1. &
ABPmEF © FG.BC.  FPLues

. Pror. XVII -

CF =
e—s [
s; tres refle Imea fat proportionales (AB. -

EF :: EF.CB), quod fub extremis AB, CB
tmpvcbmdnur reiiangulum AC  aquale e]f &,

“quod & media BF, defcribitur, quadrato BG. Et

fi-fub mreMAB CB comprehenfum reltangu=

lum AC, equale f it ei, quod amedia BF , deferi
bitur, quadrato BG, illa tves recta linea proportie= -,
nales erunt (AB. EE 1 EF. ‘CB)i P

--&ccipe FG = EF,

1. Hyp. AB. EF*::BF (FG) Cz. elgd a m
ReQang AC*=EG ‘= EFq. Q.E. D. T 14
- 2, Hyp. Re&ang. AC ¢ = quadr. EG._; 2;,_ 'f'
BFq 'ergéAB EF:: FG (EF) BC. ¢ 16, 61

"Coroll.
—S;t Ain B... Cq.,ergo A, C =C.B. .
. M ; i Pnori
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EUCLIDIS Elementorsns
Pror. XVIIL Coe
G Y "
/

A~ B ¢ - D

A daa refla linea AB duto redhilines CEFD.
fimile fimilitérque pofitum relilinenms’ AGHB de-"

[eribere. . .

6 Datum Bté&ili%am sefolve in ﬁn la, s
cang. ABH=D; * &ang, BAH = { 13

& ang. AHG = CFE s i ang. TAG L

FCB. Re@tilineum AGHR et quGeam, -«
Namang.Bb =D, & ang, BAH *=DEF,

¢quarcang. AHB = CFD; bitem-ang. HAG |

= FCE,’ & ang. AHG = CFE, “quareang.
G=13 & totus ang. GAB ¢ ECD; & totus
GHB A = EFD. Polygona igitur fibi murud
zquiangula funt. Porro, ob trigena 2quiangu-
Jo, AB.BH*:: CD,DF. & AG..GH. ¢:: CE.
BF.item AG.AH.*:: CB.CF.& AH. AB* ::

- F . ’

CF.CD# funde ex 2quo AG AB:: CE. CD.. -

m ABHG, CDFE fimilis fimilitésque -p
‘ﬁﬁ“ﬂt. Qo Eo F. : . . - .

codemn mode GH.H B :: EF.FD. tergo poly%:
0
" Pror. XIX. '

n G CE FEF
*Fiat BC.EF :: EF, BG. & ducatar AG.
e . Quiz-

A o Similia tring
oL D © gula. ABC,
. - -DEF fint in-
: duplicata yati-

' mologarumBC
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Q\jl AB.DE b:: BCEF ¢ <EF.RG.& ang. b ar.a 6.
B=E ; derit triang. ABG = DEF. verim § ‘l"ﬁ&rv, g
‘triang. ABC, ABG ¢::BC. BG; & ¢ %g o
_BC . .. ABC ABC,_, 1.6
=Cﬁ: lm;crgd triang. A5G hoc eft l.)_i—g s = ;*lol..;(.f 5-
B . .
t’;‘ b”l Q.._E. D.’ : '
Coroll,

Hinc, fi tres linez BC, EF, BG proportio-
nales fuerint; ut eft prima ad tertiam, itk eft tri-
engulum f{uper primam BQ deferiptum ad tri= -
angulum fuper {ecundam EF fimile, fimilitéry; -
de%cripmm. vel itd eff triangulum fuper lecun~ -
dam EF delcriptum ad triangulum fuper teiti~
am fimile Gmilitérque defcriprum. .~ B

Pror. XX.. .

C

. Similiapolygone ABCDB, EGHIK in fimilia”
triangula AB.., FGH ; & ACD, FHI, &
ADE , FIK dividuntur; & numero aqualia, &~
bomologa toris. ( ABC. FGH :: ABCDE,
FGHiK :: ACD. FHI :: ADE, FiK.). Et
polygona ABCDE , FGRIK duplicatam babent
am inter (¢ vation:m, quam latus home.ogum BC
1 bowsologum latws GH.

M4 * 3. Namy
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EUCLIDIS Elmentiwm
1. Namang.B 2=G; & AB.BC*:: FG.

* GH, P ergd triangula ABC FGH zquisngula

funt, eodem modo,triangula AED, FKIafhi-
milantur. clim igiturang. BCA = GHF; &
ang. ADE b =FIK ; totique anguli BCD,
GHI; atque tori CDE , HIK cpares fint, 4 re~
manentang. ACD=FHI; & ang. ADC =
FIH ; cunde etiam ang. CAD = HFL ergo
triangula ACD, FHI fimiliz funt, ergo, &c.

2. Quoniam igitur triangula BCA, GHF
fimilia ﬁmt’; erit z%; = g% bis. ob eandem

CA

i bis.quare m BG.GH:: CD. HI s::

DE, IK,berit triang. BCA. GHEF :: CAD.
HFI :: DEA, IKF :: X polyg. ABCDE.,

FGHIK :: 32 bis,

Coroll. :

1. Hinc', §i fuerint tres linea re&t propor-
tionales; ut cft primaad tertiam , ita erit poly-
gonum fuper primam defcriptum ad polygonum
fuper fecundam fimile , fimilitérque defcriptum.
vel itd erit polygonum fuper fecundam deferi-
ptum ad polygonum fuper tertiam fimile fimili=
térque defcriptum, .

Unde elicitur methodus figuram quamvis recfi- -
Guneam augendi vel minuendi in ratione data. 4t f§
welis pentagoni, cujns latus CD dlind facere quin-
tuplum. inter AB, &~ § AB inveni mediam propor-
tionalem. Super bac * conflrue pentagonum fimile
dato. hoc evit quintuplum dati.

2. Hinc etiam, (i figurarum fimilium homo-
loga latera nota fuerint, etiam proportio figura-
rum innotelcet; nempe inveniendo tertiam pro-
portionalem. o
. - PIOP.'



Liber VI, ' i29.

- PBrop. XXI.:
N\‘
- GD >4

uz (ABC, DIE) cidem reftitinco HEG:
Sunt fimilia, & inter [ funt fimilia, ~ .
- Namang. A3=H*=D. &ang. C*=G 2 1.def. 6. ~
iz Ejkang. B*=F3=IL *item AB.AC =
HF. HG :: DI. DE. * & AC. CB : HG.
GF :: DE.EL & AB.BC:HF. FG: Dl..
1R, 3 ergd ABC, DIE fimilia funt. Q. E.D..

Pror. XXII..

1 LM
A
ATTRCTDE PG u
Si quitiB relte linew proportionales fuerint
(AB,CD ::EF. GH.) & ab cis relilinea i~
milia fimilitérque defcripta proportionalia cruuts
ABL CDK ::E M. GO) Ez ff i reitis lizeis
milia (imilitérque’ defcripia veclilinea puopert: ona—
lia fuerint (ABL.CDK :: EM: GO) ipf cti ¢
ie [imgpva}:p'gltt)mles erunt . (AB.CD::EE.GH.)
B ABI', _ AB .. EFg.. _EM )
‘ d\e:.'-‘%lébx "= ¢p bis —06#’5{5'_00:-:. 19. 94
T £erg0-APL CDK i EM. GO. Q. E. D, :

N

. AB',. AP, FM.__ EF y g,
(A Hp op bis=t o Y= 660 T G ¢ a0 6

Hl.ugo_.AB. CD:ERGH.QE.D: d emi-23. 5,
. Mg o Sdde-
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EUCLIDIS Elmetniornms
Schol, - .

Hine deducitur, & demonfivatse ratio multiphi=
tandi quantitates ’furdae. exgr. Sit o/ § mu{fi:
plicandus in 4/ 3. dico provenire 4/ 15. Nam
ex multiplicationis defipitione debet effe, 1.4/ 3 12
o/ §. produ®. erga per hanc, q.1.9.4/3 32 Q.
« 5. G- produd.hoceft. 5. 3::'5. . produdk.
ergd q. produét. cft 15. quare o/ 15 eft produus
ex4/ 3104/ 5. QEB.D.

THE OR.

A
Si veite limea AB. felta fit utcungue in D, re=
wn fub partibus AD, DB contensum , eft
wmedium proportienale inter earum quadvasa, Item
rellanguium comtentum fub tols ABy & Knajparte
AD, vel DB, et {medsum prapertionale inter quge
dratum toiss AB., & quadraivm dicta partd
AD, vwi DB,

Super diametrym A B deferibe {emicirculums
ex D erige normalem DE occurrentem periphe-
siz in B. junge AE, BB. :

Liquet effe AD. DE 2 :: DE. DB, P ed
ADq. DEq :: DEq. DB%‘ hee et ADq.
ADB::ADB.DBq. Q.E.D. o

Portd, BA. AE<4:: AE. AD"¢ergd BAq,
AEq : Aflq. ADq. f hoe eft BAq. BAD i3
BAD. ADq. Eodem modo ABQ. ABD::
ABD.5Dq. Q.E.®.

Sic quidem P. Herigonius fcité. Sed facilli-
mé hxcaiin X & 6 & a3y, §. dedud pols
£z, . N Prap,.*

1



"Liber Y .-
- Prop. X X1II.

Aquiangula pavalle-

7H
D dogramma AC, «Fig-

73

\Y ter [e vatiomem babent
/ eam que €x la'mbw
— B¢

tompommr. ( ¢ 1= =G

Latera circa zquales an: ulos C 3 fibi in di-
re€tum flatuantur; & compleatur palallclooxam-
mum CH.

AC, __Ac cu _3C _Dg
Ratio <x "= o + ¢F ‘& 86,7 G
& Q E. Di .

Coroll.

Hine & ex 34. 1. patet primo, Tvianguls, cue
s anguium (ad Cg wquidem th’ﬂt) 100
b.ibere ox vat:onibus reétarum, AC ad CB, & LC

ad CF, wqualem angulum continensim.
Patet fecun: &9,

L Rer tmgua ac pw-
¥ - inde & parallclo-
L,X | grevima quackique

- . Bmzo/zcm wmtcr fe
"| & babere  compofitam

= | ex ratiomibas bafis

Q ad bufim, & alti-
e S R tudins, ad  altity-
i " F i dinem. Neque ali-
ter de tiiangulis.

‘ " ratiocinaberis.

Patet tertid, Quamodo siianclorm ac pevile

Llogrimmoium  pie,0r7i0 exbibi: § poffic. Sunto
" parallelogramisa X & Z 3 quotum baie, A7,
CB; sltiendincs ve® ¢ 'L,CF.Hat(L.CE :;

Cs. Q.fmth Z; A":.O.

"

Txoz,

a _./‘Z-b.’xs

-

b 20. dl‘f 5.
¢ L6,

“Andy. Taegx.
15 5. .

*¥ 38 Ta

TR 4.6 &
[ - N



132 ETUCLIDIS Elewentorsm
Pror. XX1V,

D . omni  pavallelogyamms
ABCD, que circa diame=
trum AC funt paralicio-
gramma EG, HB, & toti
& inter fe funt fimilia.

BLI® € Nam parallelogramma
BG, HF habent fingula unum angulum cum
A 32.%.  toto communen. *ergo toti & fbi mutud zqui-.
aﬁula funr, * Item tam triangula ABC , AEJ,,
; THC, quim triangula ADC, AGI, 1FC funt
¥ 4.6 - inter (e 2zquiangula. b ergd AE. E1:: AB.BC,.
b atque. AE. Al :: AB. AC P& ATLAG.: AC.
¢ 115, AD. cexzqualiigitur, AE. AG:: AB. AD.
d_ 1. def. 6, dergd Pgra. EG, BO fimilia funt, codem medg,
HE, B U fimilia funt, ergb, &c.

PKOP- X-X»v.. - T

A
E

—dn TN e,

2 .

C. G

e

K |5 |

T LM N o
Ta'ovellilinco ABEDC fmile .ﬁ“mi[itérque po-- ‘
Lt D} idémaque altevi dato F ¢q1’¢zle, conflitucr.

PAT N 3 Face reQang. AL = ABEDC. bitem fuper-
44t pL fac reQang, BM = F. Inter oB, BH C'Fn--

€ 13, 6. vepimediam propostionalem NQ, fupet NO»

& facy
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dfac po‘lﬁox\um P fimile dato ABEDC. Erit d 18, 6,
hoc zquale dato F. e cor 30,6,
Nam ABEDC (AL). P :: ¢ AB.BH (. f 1. 6.
AL.BM. ergo P$ =BM*=F, Q.E. F. E c":ﬁf-

Pror. XXVI. ,
: Si i allelogrammo.
A | B ABCD pg}lel ’:g“mn
RRAN AGFE dilaum fir, & fi-
- mile toti, & fmiliter pofi-
tumy communems cuns eo ba—
¢ bems angulum EAG , hoc
circa eandem cum toto dia-
metrum AC confiftes..

Si negas AC ¢ff¢ communem diametrum,
‘efto diameter AHQ (ecans EF in H, & ducatur
HI parall. AE. Parallelogramma BI, DB * fi- 2 24. 6,
milia funt. P ergd AE.EH :: AD. DC <::- AE. 2 ;,.’d‘ef. é

EF.4 prqindeAEH.'—:. EF. fQ.B. A. g, e
_Paor. XXVIL e
: Gmnium pavallelo--
.H D N B gaommeum AD,

dem rectam lincam

'\ AG fecundim ei—

A B applicatorum ,

L _ I 1 “deficientiimque  fi-

gwris paralielogram-

A . C KB msCEKIfm-

' : libus,. fimilitérg; po—

fitis ». i AD 5 quod & dimidiade(cribitur, maxi-

wum eft AD, quod ad dimidium eft applicatum, fi-
mile exiftens difectui KX - ‘
Nam quia GE * = GC, addiio communi-a 43: n.
K1, berit KE = CI = AM.adde commune b .2, «x
¢ G, derit AG = Ghom. MBL. fed Ghom. ¢ 3¢. &

d 2. axs

MBL ¢~ CE. (AD). ergo AG'2 AD. ¢ 5 e
QA L. = Brog.

i



134 EUCLIDIS Elementaris

Pror. XXVILE

A s AER

A E ZR

. Ad daramveliam Gueaw AB, dats vectilines
€ aquale paralelogyammum AP applicare deficiens

!

Figurd paraliciogrammi ZR. , qua fimilis fit alteri -

® a7, 6, -parallelogrammo dass D. * Oportet autem datum

rectilisenm C, cui equale AP applicandum eft,non

majus effe eo AF, quod ad dimidsam applictuy, fi-
milibus exificitibus defectibus , & 45 AF qued
aﬁ dg:bidiamluppbma; & efus D 5 cui fimile de-
¢ et C
a13. 6 ° " Bifeca AB in E, Super EB ? fac Pgr.EG.
b feb. 45, 3. fimile dato D. ¥ sitque EG=C — 1. “fac pgr..
€35:%  NT=1; & fimile dsto D,vel F G. duc diame-

rrum FB.fac FO = KN; & FQ=KT. Per .

Q, & Quduc paralicias SR, QZ. parallclogram-
. mum AP eff id quod quaeritur, -
" Nam parallelogramma D, BG, OQ. NT,
dconfr. & ZR dunfimiliainterfe, E¢Pgr. EGe=NT

24 6. + Ce=0Q+C, fqure C = Gnom.
§ ;“J: - OBQ 3 =40+ PG = AQ & EP =AP,
2. 4Xs QE& F,g . -
43 Ko . .



e PET T W
Pror. XXIX. '

R L ' Y
Ad Jat;a;lle tellam Lincams ?qB 5 date rlﬂilim; C

equale parallelogrammum AN applicare , excedens

Furd pavallelogrammi OP, que fimilis it pavalies
logrammio alters date' D, - :

Bileca ABin E.(uper EB * fac Pgr. EGfi- 2 18. 4
miledato D.sitq; pgr. HK= EG - C; & bas.e.
fimile dato D,vel EG. fac FEL. ¢ = IH;«& ¢ 3. L
FGM = IK. per L, Mduc parallelas RN,

MN. & AR parall. NM. Produc ABP, GBO\

Puc diametrum FBN. Pgr. AN eft quzfitam. :
_ Nam parallelogramma D , HK, LM, EG 9 cnfir.
4 imilia fune, * crgd pgr. OP fimile eft pgro £ 24 ¢+
LM,vel D. temEM f=HK = EG 4+ C. . {70 °
:ergb l\% =, Gm():m. El:ﬁ atqui AL*= LB E;(. P
= .dergd C. . QE.F. . I
2= BMLIege = AN QE-F h.’o-x.u.,
Pror. XXX, :

(o —B " Propofri yem
; ] . EYam lsneam 1

exivema,, ag me-

} did ratione fé-

. . care, ( AB.
AG i AG

b Feés) ' :
. - 3 Sccx AB a1
inG,itdur AB xBG? AGq. bergd BA. b 17 &
. AG. . Q.B. F.
46 4G.GBQEE T




136  EUCLIDIS Elementrsn:
Propr, XXX_I.

X
, N
V. 2
B f——c

E:

In reftingulis triangulis BAC , fioura quevis:

BE i latere BC vectum BAC fubten-
dente, defcripta, mqualis cft figuris TG, AL, que

priori illi BF fimiles, & fimilscer pofita i latevitus
BA , AC refium anglum continensibus deferi=-

butw.

o Abangale reto BAC demitte pcrpendxcu-r
a Cor.8.6. larem AD. ngmam CB.CA*:: CA.DC..

b o 206, beric BF. AL :: CB. DC; inverséque AL.

BF :: DC. CB.Ttem quia BC,BA3 :: BA.DD: .
betit BE. BG ! BC, DB; ac mvertendo,'BG .
c24. 5 BF-:DB.BC/ ‘ergd ALBG.BE:: DC+

d febolx4.5. DB. BC. dergd AL+ BG=BF: Q_E.

© 22.6.

b 4g.5.  Berit BGAAL=BF. Q. E.D..
Corell..

* Exhac propofitione, addi poffiint, & fubtrahi:

figurze:quavis fimiles, eddem methodo, qud qua«
drata.adduntur. &fubtrshuntur, in ichoi.47,1.

H . BF‘.O'?‘

Velfic. BG.BB¢:: BAqQ.BCq.c & AL.BF :::
f.34.5.  ACq. BCQ. f ergé BG+AL,BF :: BAq+-
g /. 145: ACq..BCq. s ergo ciim BAq-o-ACq‘”—BCq.
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Prop. XXX II.
Si duo triangula
A ABC, DCE,gae
D, duo latzva duobus
lateyibus proportio=
 palia habeant (AB.
"B AC:DC.DE),
v B fecundim unum an-
glum ACD compofita fuevine , ita ut bomologa
eorwm lateva fint etiam parallela ( AB ad DC,
& ACad DE ) : tum veliqua idovum tiiangu-
loiam latera BC, CE in vectam linem collocata
reperientuy. . .
Nam ang. A’=ACD3*=D; & AB.{ 2"
AC?:: DC. DE.cergd ang.Bz==DCE. ergd ¢ 6?1,;.
ang. B.+A4=ACE.fed ang. B A ACBe=14 2. ax.
Red. f ergd ang, ACE+ACB=2 Re&. gergd ¢ 3% I
BCE cft re@ta linea, Q. E. D. ' £1. ax
‘ . C g4

Prop, XXXIII.

P

F a

In aqualibus civenlis DBCA, HEGP, anquli
BDC, EHG: eandem babent rationems cum perl-
pheviis BC, ¥ G, quibus infiflunt 3 frve ad centra

ut BDC,FHG ), ffve ad peripherias A, B
conflituti infifiant : infuper verd & fectores BDC,
FHG, quippe qub ad centva confisiant.

PN Dug
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EUVCLIDIS Elementornm
Duc reftas BC, FG. Accommoda Cl=xCB;
& GL=FG=LP; & junge DI, HE, HpP. .
Arcus BC*=Cl,* item arcus FG, GL, LP
2quantur, ®ergd ang, BDC=CDI. * &an
FGH=GHL=LHP. Ergd arcus Bl tam mul~

tiplex eft arcts BC, quidm ang. BDI anguli

BDC. paritérque zquemultiplex eft arcus FP
archis FG;arque ang. FHP®anguli FHG, Ve
rum f acus Bl =,=3 FP, cerit fimiliter

, ang. BDI ==, =3 FHP. ergd arc. BC.FG4 :2-
ang, BDC, FHG ¢:: Bg__C. P_l__i_fi fi: AJE.

3 3
Q.8.D. ' !
Rurfus ang. BMC s= CNTI;*atque idcirco
ﬁg. BCM = CIN. k item triang. {BDC=
CDL. tergd felor BDCM=CDIN. Simili
ratione feGores FHG, GHL, LHP 2quantur;
Quum igitut prout arcus Bf c~, =, -3 FGP, ita

. fimiliter fe&ot BDI c==,3 FHP. = eric [e&.

BDC. FHG ::3rc. BC.FG. Q.E.D.
Corell.

Rinc 1. #t felor ad [eGorem, fic angulis ad”
inc x. #t fell C Jic

" 3. Awg. BDC incentrasft ad 4 refles, ut ars
om BC cui infiflit ad tetam circumferemtiam,
Nam ut ang. BDE ad reftum ; fic arcus’BC

" ad quadrantem, ergd BDC eftad 4 ReQos,ut

atcus BC ad 4 quadrantes, id eft ad totam cir-

cumf;r.entum item ang. A. 3 Relt :: arc, BC.
ip -

P fine 3. Tnaguation circulorim s IL.C,

ﬂ' aquales fubtendunt , ffue ad centray ut

'ﬂL & BAC, fve peripberiam , [funt fia

f+]

. Nam IL. periph. :: sng. IAL, { BAC.).
4 Re&, item arwc, BC. pe%iph‘ 3] ’agg. ] A&,
. i . ‘Q.Re&c

\



Liber VILI.

4. Rc& S IL. periph :: BG periph. proin=
de arcux“i & BC fum’ﬁmxlcP Uade

i.s?. B

.‘9'
'Dufmd:mnAB,AChmmmm

r«m::::afmmu,nc, :

N¢ o LIE
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L1407 _
L1B. VIL
Definitiones.

@ Nitas eft, fecundim quam u~
9 numquodq; eorum quz funt,
@ unum dicitar. .

I1. Numerusautem eft, ex
ugitatibus compofita multi-
“ tudo,

11X, Pars eft numerns numeri , minor m2-
joris, quum mjnor metitur majorem.

Omnis pars ab eo numero nomen fibi fumit, per
quem spfa aumerum , cujue eft pars, metiturs wt 4
dicitur tevtia pars memeri 335 quia metiwr $2

i 3V Partes autem, clim non metitur.

Partes quecunque nomen accipiunt & duobsa illis
WUNILTIS, PEY QUOS ISAXHIR COMMIILIS AHOYHIS NidEe=~
YOTUm menfiera uivamaue eorum metdtuy, ut 10 die
citur § numeri 12, e5 qudd maxinsa communis men
[iora, nempe 5 metitur 10 per 2,85 15. per 3o

V. Multiplex veré major minoris, cdm ma-
jorem metitur minor. :

V1. Par numerus eft, qui bifariam divi-
ditur, ! .

. VII, Impar veré6 numerus, qui bifariam
non dividitur, vel qui unitace differt d pari.

VIIL Pariter par numerus-eft, quem par
numerus metitur per numerum parem.

1 X, Pariter autem impar eft , quem par nu-
merus metitur per numerum imparem.

X. Impariter vero impar numerus et ; quem
impar numerus meritur per numerum_imparem.

X 1. Primus numerus eft, quem fola unitas

metitur, : :

XTI Primi inter fe numeri funt, quos fola
unitas, communis menfura metitur.
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X 111. Compofitus numerus eft ,qiem nu-
merus quifpiam metitur. . ;

X1V. Compofiti autem inter fe numeti
-funt, quos numerus aliquis communis menfura
meritur, -

In bac defigitione & precedenti unitas non ef

X V. Numerus numerum multiplicare dici-

tur, clim toties compofitus fuerit is , qui multi-

- “plicatur , quot funt in ipfo multiplicants unita«
tes, & procreatus fuerit aliquis,
Hinc, inomni multiplicatiogy unitas eft ad myl-
tiplicatorems ut multiplicats ad productum,
Nosa,auod [ape cim multiplicandi funt quivis

numeri,puta A in B literarum conjunttio produitym -

" denotat., Sic AB = Ain B.item COE =C in
‘DinE. . -

X V1. Cim autem duo' numeri fefe multi-

plicantes aliquem fecerint , qui fa&us erit, pla-
nus appellabitur. Qui veré numeri fefe mutud
multiplicirint, latera illius dicentur. Sic 2 (C)
in3 ED) = 6 = CD, effmmerus planus.

XV II. Cimverd tres numeri mutud fefe
multij)lic_antves fecerint aliquem,} qui procreatus
erit, {olidus appellabitury qui aurem numeri mu-
tud fefe muleiplicarint, latera illius dicentur,
Sic,2(C) in3 (D) ing (B) =30= CDE
oft numerus [dlidus.

X V111, Quadratus numerus eft, aciui xqua-
liter 2qualis, vel qui fub duobus zqualibus nu-_
meris continetur, Siz A latus quadraii 5 quadra-
tus fic notatur, A A vel Ag. :

X1X, Cubus verd, qui zqualiter zqualis
qualiter, vel qui fub tribus aqualibos nameris
continetur. Sit A lalus cubi 5 cubus notatar fic,
AAA;vel AC. -

In bac defiuitions, & tribis pracedentibus, uni-
sas eft numerus. .

P X X, Nu.
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EVCLIDIS Elementorsm
-X X. Numeri proportionales fuar; cim pri-
mus fecundi, & tertius quarti zquemulriplex eft,
“vel eadem pars; vel deniq; ciim pars primi fecun-
‘dum , & eadem pars tertii 2qué_metitur quar-
tum, velvice versd. A.B:: €. D. hoc eft 3.

4. 14, _
X X 1. Similes plani, & folidi aumeri funt,
.qui proportionalia habcnbce lar;r;. ads: ‘
Lasera nempe menqualibet, [edq o
X X 11 Perfeus nunemus cit, qui {uis ipl~
us partibus eft zqualis, S o
Ut 6, & 28, iumerus verd qus fuis ipfius pare
tibus minor eft, abundans appellatur, qus vers ma-
Jors diminutui, & 53 oft dbundaps , 35 oft dimi-
B, Lo _
X X111, Numerus pumerum meviri dici<

tur per illum pumerum, quem multiplicans, vel

: @ quo multiplicatus, iHum producit,

In divifione, nuitas eft ad quotientem, ut divi-
-dews ad divifum.  Netay quid numerus dltevi line-
Od interjelta [ubferiptus. divifiopem denotat 5 Sic

4 = Adivil, per B, isem Cié =Cix Adivif, .

. P‘r !’. * » s ey
Y Termini, five radices proportionis dicuntug

“duo numeri, quibus in eadem proportione minos
“res fumi nequeunt, ' o
. Poftulata. CL
-2, T Ofuletur, cuilibec numero quotlibes
o fumi pofle 2quales, vel mulviplices,
2. Q‘tiolibet aumero fomi poﬁi‘:a)orcm. .
3. Addirio, fubtraitio, mulriplicario, divifio,
extradtionésque radicum, feu laterum numero-

ram quadratorum, & cuborum conceduntur
ctiam, tanquam poffibilia, -

- Axiomats
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" eAxiomata.

1. Wicquid convent: uni 2qualium numeé-
' rorum, convenit & reliquis zqualibus
numeris. N

3. Partes eidem parti, vel iifdem partibug
exzdem, funt quoque inter fe czdem. ‘
* 3+ Qui numeri 2qualium mumerorum , vel
¢jufllem, czdem partes fuerint, zquales inter fe
b C. . . - .
4. Quorum idem numerus, vel zquales, ex-
dem partes fuerint, 2quales inter fe funt,
¢ ¢. Unitas omnem numerum per unitates,que

in ipfo funt, hoc eft per iplummet numerum me<

titur. :
= ¢ 6, Omnis numerus feipfum metitur per uni«
tatem.

. 7+ Si numerus numerum- muleiplichns, ali- '~ °

3uem produxerit , metietur multiplicans pro-

u@um per multiplicatuni, multiplicatus autem

cindem per multiplicantem.
" Hise wullus numerns primus planus oft aut folie
«olus, quadratus, vel cubus.

8. Si numerus numerum metiatur, & illéper-

-quem metitur, eundem metictur per eas, quz in
metiente {unt, unitates, hoc eft per ipfum nume-
Tum metientem, . ' -

9. Si numeras numerum metiens, multiplicer

eum, per quem metitur, vel ab co mulriplicetur,

Allum quem metitur, producit. :
+ 10. Numerus quotcunqgte numeros metiens,
-compofitum Jquoque ex ipfis metitur, E

11. Numgrus quemcunque numerum metj-
ens, metitur quoque omMem NWmErum , quem
“ille metitur. - ) .

12. Nim ros meticas totum, & ablatum,
metitur & reliquum, '
- - ProPr.
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Pror. L -

A..E.G.B 8 ¢3 Si duobus sumevie
C.F.D § 1% imequalibus propoficis

H--- ( AB,CD ) detra-
. . batur femper minor

CD de majore AB ( & reliquus EB de CD

&c.) asernd qudam detraltione, neque reliquus
piacedestem metiatur, quoad aflumpgn fit

unttas GI'5 qie principio propofiti funt numers AB,

CD primi inter fe erunt.

'Si negas, habeant AB,CD communem men-

furam, numerum H. Ergd H metiens CD

a 1.4x. 7, 3ctiam A E metitur; bproinde & reliquum EB;
b 2. ax7. *ergd & CF, atque ® idcirco reliquum ED;
. 2 quare & ipfum BG; fed rotum EB meticbatur;

. bergd & reliquum GB metitur, numerus uni-
€9 4t fatem. Q.EiA. )

. »

Pror. IIL
9 6 - Duohus nume-
A:.Mon-l. E wene B - !s 9 6 fi‘ d‘tl‘ AB’ CD
. 6 3 . non primssinter fe,
Cuoue ¥ D 2 $ 2 maximam eorum
: G--- communens menfi
vam F D -reperire.

Detrahe minorem numerum. CD ex majori

a é.az.7, AB,quotics potes. Sinihil relinquitur, * patet
iplum CD effe maximam communcm menfu-

ram. Si relinquitur aliquid EB, deme huncex

CD; & reliquum FD cx BB, & fic deinceps

donec aliquis FD precedentem EB metiatur.

b1y ( nam b hoc fietantequam ad unitatem perveni=
atwr ) Erit FD maxima communis menfura,
¢ confir. am ED ¢metitur EB, 4idedque & CF;

d 11427 eproinde & totum CD;dergd ipfum AE;arg;
. . o » L ’ 2

€ 13457 jdcircd torum AB metitur, gL1quet igitur F?)
communem efle menfuram, Si maximam effe ne-

; 35,



Liber VI 145
gas, fit major quepiam G ergd G metiens CD,
meditur AE , ¢ & reliquum EB, 4 ip{imeue
CF, ¢ preinde & reliquum FD, § major mino- 8 /3#f-
rem. *Q E.A. . 9.8x 1,

Coroll.

Hinc, numerus metiens duos numeros, me-
titur quoque maximam eorum communem men-
furam.

Pror. IIIL
A v 12 Tribus numeris datis A,B,C
B8 non primis inter [e, maximam
D....4 corum communem menfaram B
C....6 | reperire. .
E.2 Inveni D maximam com-
F---  munemmenfuram duorii A,B.

Si D metitur tertium Cjliquet
D maximam efft trivm communém menfuram.
$i D non metitur C, erunt faltem D,& C com=
pofiti inter fe, ex coroll. pracedentis, Sit igi-
tur ipforum D, & C maxima communis men-
fura E, erit B is, quem quaeris.

Nam E * metitur C, & Dj2ac Diplos A, & 3 ¢fie.

B metitur; b ergd E metitur fingulos A, B, C; b 11 ax.7.
nec major aliquis ( F ) cos metietur; nam fi hoc
affirmas, ¢ ergé ¥ metiens A, & B, eorum ma- € ¢ 1.7
ximam communem menfuram D metitur; Eo-
~ dem modo, F metiens D, & C, ¢ corum maxi-
mam communem menfuram E ; 4 m3jor mi- 4 fuppess
norem, metitur. ¢ Q. E. A. € Juax ke

* Covoll.

Hinc, numerus metiens tres Aumeros, maxi=
mam quoque eorum co:nmunem menfuram me-
titui‘.

(6] Prer.
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2 4.def. 7.
b 3.def 7.

c 4 def 7.

a by

b cenfl.
& 2ax. L,

¢ 2,4ax. 1.

EUCLIDIS Elmentorsm

Prom 1V.
A...6 - Omsis mumerus A , omnis
B. 7 numevi B, minor majoris, ant.

B ioiseservinens 18 pars eft, aut partes.

B e 9. Si A, & B primi fint

inter (e, 2 erit A tot par=
tes numeri B, quot fiynt in A unitates. (ut
6=% 7.) Sin Ametiatur B, ®liquet A effe par-
tem ipfius B: (ut 6=} 18.3"denique A&
B aliter cempofiti inter fc fuerint, ©maxima
communis menfura determinabit, quot partes A
conficiat ipfius B; ut 6=3 9.

Pror. V.
A 6. D..4
é

6 4 4
BuweGuu.C12. EuuH ... F8

Si mumerus A numers BC pars fuerit, & alter
D altevius BF eadem pavs; & fimul uterque

(A-+D ) utriusque ol ( BC—EF ) eadem

pars evit, que unws A wnins BC,
Nam fi BC. in f{uas pertes BG, GC ipfi A
2quales; arque EF in fuas partes FH, HF ipfi

D zquaes refolvantur; ? eric numerus partium

in BC 2qualis numero partium in EF. Quum
igitar AD b=8G+EH=GC.HF, erit
A..D toties in BC—+EF, quoties A in BC.
Q.E.D

Vel fic brevids. Sit a==x & b=y. cergd -
2

. 2
a+b=x+y=x+y. QE.D.
: 2 3 3

Prop.

|
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3 Pror. VI
3 3 4 4 S¢ wn-
A.G..B6 D..H..E8 wmaru AB
Cininns 9 F o 12 wimeri C

partes fuerity & alter DE altevius F eadem partes
& fimul wterg; (A B—+ DB Yutriufg; fimul{ C+F)
eedempartes erit, qua wms AB umins
Divide AB in fuas partes AG, GB; &
DR in fvas D H, HE. Fartiumin utroque
AB, DE zqualis et multitudo, ex hypoth,
Quum igitur AG* it cadem pars numeri C, a by,
quz DH aumeri F, Perit AG+DH eadem y ¢, 5.
Ears compofiti C+.F, gfe unus AG unius C.
Eodem modo GB-+HE eadem pars cft ejuf-
dem C+F, quz unus GB unius C; cergd ¢ 3. ax. 7.
ABDE cxdem partes eft ipfins C+F, quae
AB ipfius C. Q.E.D. ,
Vel fic. Sit a=}x. & b=}y. dergdarb=2 2. ax 1.
$x4+3y=}yax QE.D

Pror. VII, .

s 3 St numerus

Ao«uE -..Bs . AB numers

6 10 6 CtoP:d" f:;:

. 1 8

G sirene C uuunnF PTT D !‘ 141;3 AE ‘b.

lati CF; & reliquus EBveliqui ED eadem pars —~ 7
erity qualis totus A B tathes CD,

*Sit EB eadem pars numeri GC, quz AB 4 4, pog, 7.
ipfius CD, vel AE ipius CF. »ergo AE —~ EB 5.7
cadem eft pars ipfius CF - GC, quzz AE ipfius > 7
CF,vel AB iplius CD. ¢ergd GF=CD. au- ¢ ¢, 4x. 1.
fer communem CF, ¢ manet GC = F>.cergd g 3. 4x. 1.
EB eadem eft parsreliqui D (GC) qua totus ¢ 2,45 7.
AB totius CB:. Q.E. D,

VelGe. Sitaab=x;&cpd=yjatque
tamx:;]; quam a= 3 ¢; dico b = 3 d. Nam
3c—+3df=3y=x8=a b, aufer urring; f ‘,;,;' :
jcs=a&tremauess3d=b, Q E.D. B

: . O 2 PROP

%
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N

h 3 ax .
a 3.4 1,
ll . KQ{.

3 ax. 1.

d 77

e 9 4x.7.

fr e
g 1.ax. 1,

h brp.

k 3 ax. 1,

1 & ax 7.

ETUCLIDIS Elementorum.
Pror. VIII,

6 2 4 3 12 Si nume-
A..H.G..E.L.B18 1 AB nu-
: 18 6 meri CD
C ivnnnsenwnns Foann D 24 pavtes fuevit,

quales  abla-

tus AE ablati CF; & veliquus EB reliqui FD e~
dem partes rit, guales totus AB totins CD.

Seca AB in AG, GB partes numeri CD; i-
tem AE in AH, HE partes numeri CF; & (u-
me GL = AH =HE; *quare HG = EL. &
quia® AG =GB, cetiam HG = LB. Cim i-
gitur totus AG ¢adem fit pars totius CD, quae
ablarus AH ablati CF 5 ¢ erit reliquus HG,
vel EL eadem etiam pars reliqui FD, que
AG iptus CD. Eodem pafio, quia GB cadem
pars eft totius CD, quz HE,vel GL ipfius CF,
4 erjereliquus LB cadem pars reliqui FD, qua
GB totius CD; esgo EL —+ LB ?EB) cedem
eft partes reliqui FD), qua totus AB totius CD,

. E.D

Velfic facilifis, Sitas-b=x. &c.a d =y,
Ttem tamy = % x; quim ¢ = $a; vel equod
idemeft, 3y—2x; & 3 c== a2, Dicod=}b.
Nam3 c+ 3df=3y=2xf= 2a4abl
fergd3 ¢+ 3d= za—+ 2b, aufer utrinque
3ch=2a;&kmanet3 d= 2 blergd d = {b,

Q.E. D,
Pror. IX.

A g Si umerus A mumeri

4 4 BC pars [ueiit, & alter D
B...G... C8 altevius BF eadem pars, &
§D . s viciffim qua pars ¢ff , aut

E. .. H.o.o F 1o parees primus A terin D jea=
_dewm pars erit . vl eeders

paites & [t sndus BC quarti EF, Pou
onj= "
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Ponitur A =3-D. Sintigitur BG, GC, &
EH, HF partes numerorum BC, EF, hz iph A,
illzipfi D pares. Utrinjue multitudo partium
xqualis ponitur. Liquet verd BG 2 eandem ef€ a 1, 4x. 7,
pattem, aut eafdem partes ipfius EH, quze GC & 4. 7.
ipfius HF3 ®quare BC (BG Gé) ipfius b 35, vel 6.7
EF (EH — HF ) eadem pars eft aut partess
quz unus BG (A) uniusEH ( D) Q. €. D.
Velfic; Sit 2= b, &c=ad. di®va 1.4 74.

3 3
&= ¢_!_ Nam ¢ 2=3d =d.
a b 2 i b
Pror. X.
A.G..B4g Si numerus AB mumeri C
C o6 partes[uerit @ alter DE al~
] s terius B eadem partes :  Et

D...H...B1o uiifsimqua partes oft pri-
Fuworamin 1§ mxs AB tertii DE, aut
pars : Eadem partes erit &* -

Jecundus C quarti ¥ 5 aut pars.

Ponitur AB= DE, & C=3 F. Sint AG,
GB, & DH, HE partes numerorum C, & F,
tot nempe in AB, quot in DE. Conftat AG
ipfius C eandem effe partem, quaz DH ipfus F..
* quare viciflim AG iplius DH, paritérque GB-; , .
ipfius HE, & proinde conjunctim AB ipfiusy, ¢ o, 7,
DE caii)em pars crit, aut partes, qua Ciphius F. :

.B. D,

ppiicare potes fecundam przcedentis demony

ftaationem etiam huic,

Pror, XI. : ’ -

4 3 'Si fuetit, ut totus AB
AwuBo B7 ad totum CD, it ablasus
3 é AE ad ablatam CF; &~

C avtnes B oovenns D 14 ffliqm EB ad 'feliqla‘”}'
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¥D erit, ut totus AB ad totam CD.

147 Sit primé AB =3 CD, *ergo AB vel pars

b 20.def.  eft, vel partes numeri CDj; beadémque pars eft,

¢ 7, vel 8.7, vel partes iple AE ipfius CF; < ergd reliquus EB
reliqui FD eadem pars cft, aut partes, quae totus
AB totius CD. bergé AB. CD ::EB. FD.
Sin fuerit AB = CD; coden modo erit juxta
modé oftenfa, CD. Ar-:: FD, EB. ergo in-
verendo AB.CD : :EB.FD, :

Prop. XII

A,4 C,a E, 3 Si fine quotcungs nu-
B, 8. D, 4. F, 6. meri propartionales ( A
. B::C.D::EF)e-
Vit quemadmodum wnus aniecedentium A ad unum
confequentinm B, it omncs antecedentes (A 4
C — B ) ad omnes confequentes (B4 D + F),
Sinat primd, A, C, E minores,quam B,D,F.
a% 20. def. 7. ergd (proprer cafdem rationes ) ?erit A eadem
b 5. & é.7. parsaut partes ipfius B, quz Cipfius D, b ergd
conjunétim A — C eadem crit pars aut partes
ipfius B «+ Dj quz unus A unius B. Similiter
, A + C « & cadem *pars eft, aut partes ipfius
¢ 20.def.7. B+ D «+ F,quz Aipfius B, cergod A -+ Cpe-
EoB-—O-D — F e AOB- Q._'E;D- Sin A,CE,
ipfis B, D, F majores ponantur, idem oftende~
tur invertendos

Pror, XIIIL

Si quatuor numevi propoytie
A, 3. C, 4 emasfm(A B::C.D,
B, 5. D, 12. ‘& vicfim proportionales e«

wunt (A.C::B.D.)
Sint primg A, & C iplis B, & D minores,
a 2e. def. 7, atque A =3 C. Ob eandem proportionem,? erit
b 9. & 107. A cadem pars, aut partes ipfius B, quz C ipfus
D, b ergd viciflim A ipfius C cadem pars eft,auc
partes; quz B ipfius D. ergd A.C:: B, D.Sin
. A
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A = C; aque ‘A, & C majores ftatuantur,
quim B, & D, cadem res erit, proportiones in-
vertendo, ‘ *

Prot. X1V,

A, 9. D 6. Si fint quotcunque memeri

B, 6. E, 4. AB,C, ¢ diitotidem D,E,F

G 3. B, 20 illis equales mitétudine, qui bini
[umantur , & in eadem varion:

(A.B::D.E. &B.C::E. F) triamex n-

qualitatein-eadem ratione erumt, (A.C ::D. F).

Nam quia A.B :: D.E, * eric viciffim,a.D 1 1 3 13. 7.
B.E ::* C, E Zergd iterum permutando -
A.C::D.F, QE.D.

Prop. X V.

1. D. . Siunitas numeram quesi-
B v 3« E vinea 6, piam B metiaturs queé autem
: : alter rwmerws D dlternm
quendam numersm B metiatury & viciffim equé
uitas tevtinm numernm D metictur, & feckndus B
guartum E. -

Nam quia 1 eft eadem pats ipfius B, quze D
ipfius B, 2 erit viciffim 1 eadem pars iphus D, 57, -,
quz B ipfiusE. Q. E.D.

Pror. XVI.

Si duo nameri A, B [efe
P,4.  A,3..  mutwd multsplicantes fece-
A,3. T B4 vint aliquos AB, BA, geni—-
AB,12. BA, 13. tiexipfis AB, BA equales

nter ]{e ermnt,
Nam quia AB = Ain B, ?erit 1 in A toti- 5 15, aef 7%
es quoties Bin AB. b ergd viciffim » in B toties b 1. 7.
erit, quoties A in AB. atqui quoniam BA = B ¢ 4 4x. 7
in A, 2 erit 1 in B toties, quoties A in BA. ers
quoties 1 in AB, roties 1 in'BA 3 & ¢pro-

indc AB=~ BA. Q. E. D.° .

0 4 Pror.
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EUCLIDIS Elementorum.
Pror. XVII.

N A Si mumerss A duos nu

o3, 2. C. 4 mevos B, C multiplicans fe-

a 15.def. 7.

b 20.def. 7.
€ 13. 7.

AB,6. AC,1: ceritaliques AB, AC ; ge-

niti ex ipfis eandem vatio-

nem babebunt o, quam multiplicati. ( AB, AC ::
B.C.). : :

Narzl quiz AB=t Ain B, *erit 1 toties, in

A quoties Bin AB.*item quia AC =!A in C.

erit 1 toties in A, quoties C in AC. ergd quo-

ties Bin AB, toties C in AC. quare B. AB ::

C. AC. cergd vicifim, B, C:: AB. AC.

QE.D.

a7

b 17. 7.

Pror. XVIIL

GC,s. c,s. §iduo numeri A, B,
A,3. B, 9. nimcrim qlmfnpim C
AC. 15. BC, ag. muliplicantes fecevint a-
AGC, 15 . BS .45 liquss AC, BC; geriti
ex ipfis eandem vationem habebunt , quans multipli~
cantes. (A.B:: AC.BC.) -

Nam AC*=CA; & BC *=CB; ficidem
C multiplicans A, & B producit AC, & BC.
bergd A. B:: AC.BC, Q.E. D. )

Schol.

Ex his pender modus vulgaris reducendi fra~
&iones ( 4,%) ad candem denominationem.
Nam duc gtamin 3, quidmin 5, proveniunt
21 = 4 quoniam ex his, 3. § i3 27. 44. item
duc s in 7,& g, prodeunt 43 =1, quia 7.9::

5. 45-
3 Pror. XIX.

A,4.B,6. C,8D,12, Si quaiuor wu-
A D, 48. BC,48. me;d propertiona-

. les fuevine,(A B::

C. D) s qui ex primo & quarto fit momerus AD,

acualu eft ei 5 qus ex fecundo & tertio fit, mmgq '
BL,



A

BC, ipfi quarnor wwmeri proportionales erunt)
AB:C.D

‘Be:: AC. BC. dergd AD = BC. Q.E. D. § 18. 7.

Liber VEI. . 1$7
BC. Etff quiex primo & quaito fit mamerus AD;
aqualis fit s 5 quiex [ecundo & tertio fit, nmumero

= C.D. 2 17. 7
1. Hjp. Nam AC. AD*=:C. Db :: A, b by
2, Hyp. Quoniam ¢ AD == BC, erit AC. Z;y.s' 7
AD :: AC.BC. Sed AC.AD £:: C. D. &€ 7 5.
AC.BE*:: AB.kergd C.D :: A,B.Q.E. D. g.i7. 7 i
18. 7.
Pror. XX. , kit
A. B. C. Si tres- numeyi proportions-
. 6. 9. lo fuiint A.B:: B.C.)
AC,36.B8,36. qui fub extremis contineiur .
D, 6. (AC(? > aqualis eft i, qui
_amedioefficitur (BB). Et i
qui fub extremis continetur (AC) aqualss fuciit cb
(BQ), qui fub medio , ipfi ties numeri proportio-
- B .
nales evant (3 E)' _
1. Hyp. Nam fume D =B. * ergd A. B ::
D (B). C. b quare AC = BD, ? vel 1B.
Q.E. D.

arar.-7.

big. 7. -
. e

2. Hyp. Quia AC c=BD, derit Ai B :: Dd ;;{ T

(3). C. QE.D.

Pror. XXI. . .

A..G.Bs. E..... 50.-  Numeri AB,
C.H.D3 F...6& €D minimi om-
nium ezidem cuim

eis vationems baben'iam (E,F) metiuntur aqué sus
meres B, F eandem cuin eis vationcrs habentes, mc-
qor quidem AB- majoremr & , minor vers CD min
neem B, -

Nam AB. CD #:: E. F.? ergé viciffim a byp.’
AB. E:: CD. F. cergd AB eadem pars efl, b 13. 7
vel partes }pﬁus E, quz CD ipfius F. Non par- ¢ -4/ 7¢
tes, nam fi it3, fint AG, GB partes numen: E; -

& CH, HD partes numeri F.ccrgd AG. E i3
Qg
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d 3.7,
€ b

EUVCLIDIS Elementorum

CH. F; & permutando AG. CH ¢4::E. F € :2
AB. CD. ergd AR, CD non funt minimi in

- fwi ratione, contra hypoth. ergd, &c,

a byt
b 19. 7.
€ I. 4x. 1.

d 13. 7.

az2uLp

b 23.def. 7.
C A5 7%

Pror. XXIL

A, 4. D, 12 Si fuerint tres numeri A, B,
B,3. E,8. C;& dii ipfis multitudine a-
€,2. F,6. qudes D, E, ¥ qui bini fu-
mantyr , & in eadem vationey
{evit autem pevtwrbata coruan propertio (AB :: BB
&B.C :: D.E);etiam ex equalstate in eadem ratio-
ncerunt (A.C:: D.F)
Namquia A, B2 : E.F, erit AF=BE; &
gnia B.C ::*D.E, Perit BE=CD. < ergd
AF=CD.dquarcA.C : D.F. Q E. D,

Prer. XXIIL

A,9. B4 Primi inter fe mumeri A, B;
C----D--- minimi" funt vmminm eandem
E~= - cuw eis yationem babentium,

Si fieri poteft, ant C, & D
minores , quim A, & B, atque in eadem ratio-
ne. 2 ergd € metitur A zqué, ac D metitur B,
putd per eundem numerum E @ quoties igitur
1 in B,b toties erit C in A. Guare viciffim quo-
sies x in C tories E in A. fimili di‘curfu quories
1in D, toties E in B. ergd E utrumque A, & B
metitur 3 qui proinde inter fe primi non funta
contra Hypoth, '

Pror. XXIV.

A9 B4 Numeri A, B, minimi omui-
C--- wm eandem cum eis ratiopem
Do--- E-~ babentium, prini inter [z funt,
Si fieri poteft habeant A&,
& B communem menfuram C; is metistur A
puD;& Bper Eergd CD=A,>& CE=B.
b quare



r. L VI g5

> b qusre A.B :: D, E. Séd D; & E minores funt, b 17. 7.
quim A, & B , utpste corum partes. Ergd A,
& B non funt. mininti in fua ratione ; contra o

hypoth.

Pror, X XV.
8 duo mumeri A, B primiinter
‘ A.9. Bi 4. [e fuevint, qui snum eoram A.
. C 3. D.~  metitur sumerns C 5 ad veliquu:n
B. primus evit,
Nam fi affirmes aliquem D numeros B, & C
metifi, ¥ ergd D meriens C, mertitur A. ergo 4 1y, o1 -,
A & B non funt primi inter fe, contra Hypoth. ’

Prer. XXVI,
4,5. GC8 Si duo numeri A, B ad
- By3. ' quemplam C pvimi fucr'n’,,
AB 15, E-—-- elbtm ex ilis genitvs Ab
F --u- adeindem C primus evit..
" Sifieri poteft, £it ipio-
ram AB, & C communis menfura, numerus E.
sitque f‘EB =F; 2erg0 AB=EF;’quare E. 2 9.av 2.

. A::B.F Quia verd Aprimus effad C quem  ° 7

: _E metitur, cerunt E & A primi inter fé, d ade- A : 5- 2
éque in fua proporticne minimi, & ¢ proinde z- ¢ ; ,3,'7‘{"
qué metiuntur,B, & F; nempe E iplum B, & A o
ipfum F, Quum igitur E utrumque B, C, mec-
tigtur , non erunt illi primi incer fe, contra,

Hypoth. .
Prér. XXVII,
A, 4 B,s. Si duo numeri, A, B, primi

Aq, 16, inter [¢ fuciint, etiam ex upo com
D, 4. " yum genitus (Aq) adveliquum
B piimusesit.

Sume D = A; ergé ® Gnzuli D, & A primi a 5 ax 7
funt ad B.b quare AD, vel Aq, ad B primuseft. b 26. 2.

Q_E. D.

_ Pmor,
- -
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a 26. 7.

b 26 7.

2 17. 7.

¥ 28 7,

a 12 4x. 7,

EUVCL1IDIS Elementoram
‘Pror. XXVIIL
A . C, 4 Si duo numevi A, Bad
B, 3. D, 2. duos mumeros C, D, 4=
AB,15. CD8, tcrque ad utrumque pomé
fuerint , & qui ex eis gi=
gnentur AB, CD, primi inter [e erunt.

Nam quia A & B ad C primi funz, 2 erit AB
ad C primus. Eddem ratione erit AB ad D
primus. bergd AB ad CD primuseff. Q. E. D.

Pror. XXIX.
A3 B,z Si duo numeri A, B primi
Aq, 9. Bq,4. inter fefuerint 5, & mulsipli-
Ac,27. Dc,8.  cans wterque feipfim fecerit a-

; liquem (Aq, & BQq); & ge-
witi exipfis (Aq, Bq) primiinter feerunt; & fi
qui in principio A, B genitos ipfos AQ, BY multipli-
candes fecevint aliquos (&c;Bc)s Co bi primiinter fe
erunt: & femper civea extremes boc evenict,

Nam quia A primuseft2ad B, *erit Aqad B
primus. & quia Aq primusad B, * erit Aq ad
Bq primus. Rurfus quia tam A ad B, & Bg;
quim Aqad eofdem B, & Bq primi funt, berk
A x Aq,ideft Ac, ad B x B, id eft Bc, pri-
mus. Et fc porrd de reliquis. ‘

Pror. XXX,

s Siduo memers
Aveii B C13. D AB, BC primi
i : inter f¢ fuerint,
etam wterque ol (AC)-ad quembibet illorum
AB, BC primus evit. Et fi uterque fimul AC ad
unwms aliuem illoyum AB primus facrit, etiam qub

&n princivio mimeri AB, BQ primii inter [e exunt.

1. Hyr. Nam fi AC, AB compofitos velis,
fit.D. communis menfura, * Is metictur reli-
quum BC. ergé AB, BC non funtprimi inter
fe, cantra Hyposh.

2 Hipe

-
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2. Hyp. Pofitis AC, ABinter fe primis, vis
D ipforum AB, BC communem effe menfuram, .
bIs igitur totum AC metitur. quare AC, AB b 10.4x. 7
non funt primi inter (e, contra Hypoth,

) Coroll,
Hine numerus, qui ex duobus compofitus, ad
wnum illoram primus eft, ad reliqaum quoque

primus eft,

Pgor. XXXI.

Ompis primus numeris A ad omnem ¢
As, B,8. numerwum B, quem non metitur,
imus efl.
Nam i communis iliqua menfura metiatur
wirumque A, B3 2 non erit A primus numerus, a t1.def. 7, |
contra Hypoth, »

Pnor.. XXXII.

A, 4. Dy 3. Siduo pumeri AB, fe mu-
B, 6. E. 8, Mo multiplicantes fecevint aBi-
A“é'; 24, > quem AB 3 genitum antem ex
ipfis KB metiatur aliguis pri-

wus numevus D, i etiam unwm eornm , qus & prin-
cipie, A, vel B metietwr.

Pone numerum D non metivi A; it verd
%B —E, 2 ergd AS'=DE. bquare D, Az, P
B.E. ccft verd D ad A grimus. dergo D, & L’ Py 7&
A minimi funtin (ud ratione; © Proin.fg D me- 5, ‘;'
titur B, 2qué ac A metitur B, liquet igitur pro-d 23. 7.
pofitum., R

Pror. XXXIIL
A, 1% - Ozmemcompofitum numerum K, a'f-
B, 2. quis primus nimzvus B metiter.

Unus vel plures numeri 2 metian- a 3. defi 7
tr A, Quoramminimus fit B. is primus.erit.
e Aend s P g
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EUCLIDIS Elementorum

a 13.def. 7- nam fi dicetur compofitus , 2 eum minor aliquis
b 11657 metierur, b qui proinde ipfum A metietur, quare

a7

2137
b3 7

B non. eff minimus corum , qui A metiuntur;
contra Hyporh.

Pl [¢3 N x x X I V.

Omnis pumerus A ast primus eft , amt
A, 9. exmdiquis primus metitur.

Nam A neceflarié vel primus eft,
vel compofitus. Si primus hog éft quod afferi-
thus. Si compofitus, 2 ergd eum aliquis primus’
metitur, Q. E. D.

Pxor. XXXV,
A6 B4 C8 Y _g._..
D,:

> & - - -
E,3- F,2 G, 4. o L

Numeris dasis quotcungne A,B,-C reperire mini-
mos omnium B, by G candem rationem cwm ciz ha
bentium. :

SiA,B, C primi fint interfe, ipf in fua ra.
tione minimi 2 erunt, Sicompofiti fint, befto
eorum maxima communis menfura D, qui iplos
tnetiatur per E, F, G. Hi minimi erunt in ra-
tione A, B, C.

€9 ax.7. Nam D dulus in E, F, G ‘producit ABC, :

d17. 7
€ 2%.7.

£9. 4.7,
3.4ax. €.

, 19. 7-
k fuppof:

1 20, def. 7

4 ergd hi & illi in egdem funt ratione. Jam pura
alios H, T, K minimos effe in eadem; ¢ qui pro- -

prerea 2qué metientur A, B, C, nempe per nu-

. merum L. fergd LinH, I, K ipfos A,B, C
rocreabit.. 8ergd EQ == A=HL. bunde E. .

::L.D. SedB¥~Hjlergd L o D. ergd

D non eft maxima communis menfura ipforum

' A, B, C;contra Hypoth.

. Caroll.
Hin¢ maxima communis menfura quotlibet
numerorum
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numerotum metitur iplos per numeros, qui mi-
nimi funt omnium eandem rationem . cum ipfis
habentium. Ex quo parer methodus vulgaris re-
ducendi fraétiones ag minimos terminos,

- Prop, XXXVI.
Dushus mumeris datis A, B; reperire quem illi

winimum mtﬁ#ﬂtm', nuMEruR,
. . 1, Caf. Si A, & B primi
A fABBz,:. fint inter fe, eft AB quafitus.
D-neve-. Nam liquet A,& B metiri

E---F--- AB.Si fieri poteft, metian-
tur A & Baliquem D-1AB;

159

puta per E, & F. 2ergd AE=D=BF. ¥ quarc 2 9. 4x. 7.

- A.B:E.E. Quia verd A, & Beprimi funt &
inter fe, 4adedque in fua ratiene minimi, ¢ xqué . )

1. &x, 1.
)

metientur A ipfum F, zc¢ B ipfum E, Atquidq 1;' 7
B.Ef:: AB. AE (D). gergo AB etiam mme- € 21. 7.

tietur D, feipfo minorem. QE. A.

A6 B4 F---- 2. Caf Sin
C,3. D3, G---H-== A &Bimerfe
AD, 2 compofiti fue-

f 7. 7.
g 20 def, 7e

rint, reperian- h 35.7.
tur C, & D minmmi In cadem ratione, *ergd i 19, 5,

AD=BC. Etit AD, vel BC quefitus,

Nam !liquer B, & A iplum AD,vel BCy , 4 0,

metiri. Puta A, & B metiri F =3 AD, nempe
A per G, & B per H, mergo AG=F=BH. m

9. ax. 7.

sunde A, B::H.G°:: C.D. ?proinde xque n 15, 7.
metitur C ipfum H,ac D ipfum G. atqui D.G o coxfir.
9:: AD.AG (F). crgd AD £metitur F, major P 2!- 7

. 17. 7. ¢
migorem. QE. A. . A def. 7.

(oroll.

Hinc, i duo numeri multiplicent minimos
eandem rationem habentes, major minorem, Lﬁt
minor majorem, producetur nwmerus minimuéy
quem illi meriuntur, -

T Pa Paor.
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a by.
b conftr. -

< 11, 8%.7.

4 12, £x.7.

a 3677

> ¥.7

EUCLIDILS Elemencorum.

Pror, XXX VII,

A, B,3. Si duo mumeri Ay B nit~
5 sesene 60 merum quempian CD me-
C-<--F~«-D tiantur; etiam mivimuys E,
quem ills metiustuy , cune
dem CD metietuwr. -
Si rlegas, aufer E ex CD, quoties fieri po-
teft, & relinquatur FD -2 E. quum jgitur A
& B metiantur E,® & E ipfum CF, ¢ etiam
A, & B mctiuntur CF; * metiuntur autem to-
tum CD; 4 ergo eriam reliquumt FD metiun-
tur. ergd E non eft minimus, quem A, & B
metiuntur, contra hyp.

Pror. XXXVIIL

A,3,8,4,C,6. Tribus nameris datis A,B,C
D,12. seperive mugimuny quens illi me~
Lun'ur..
aReperi D minimum, qaem duo A, & B
metiuntur,quem fi tertius C metiatur, pater D
efle quafium. Quéd i C non meriatur D, it
E minimus, quem C, & D metivntur. Eric
E requifitus.

A,1.B,3.C,4  Nam fingulos A, B,C

D, 6. E,12.  metiri E conftat ex 11.ax.

F--- 7. Quod verd nullum ali-

um F minorem metiantur,

facilé oftenditur. Nam fi affirmas, b ergo D

metitur F;®proinde E eundem F metitur, ma-
jor minoremy Quod eft abfurdum.

Corol,
Hinc, fi tres numeri numerum quempiam me-
tis.tur, criam minigws , quen illi meinmar,

® cundem mstictur,.
ve

R SO S I

» £ - Dxow.
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Pror. XXXIX
A, 12, Si numerum A quifpians sumerus
B, 4,C,3. B metiatur , ille A quem B meti-
tiry partem babcbit C, & mesiente B
desominatam.

Nam quia A2=C,berit A= BC. fcngc‘: 1 by,
B b 9. ax. 7.
A=B. QE.D. €7.a7.
<
Pror. XL
- Si numerus A partem habuerip
A, 1y. quamlibet B, metictur illum nume-
B,3. C,8. vus C,a quo ipfa pars B denomi-
* matwr. -
Nam quia BC* = A, berit A=B. Q.E.D. a by.
’ < & 9.4 7. -
h b7 a7
Pror. XLI
2 G,12,  Numeum veperive G, gui mini-
-,t H--- mus t:im fit o babeat datas partes,
& DA .
*Inveniatur G minimus, quem denominato- 8y
.tes 2, 3, 4 metiuntur. > Liquet G habere partes, p 34, 7.

4, 4,4 Si fieri poteft H—G habeat eafdem
partes; ©ergd 2, 3,4 metiuntur H, & proinde ¢ 40, 7.
G non eft minimus, quem 2, 3, 4 metiuntur,

contra conflr, '

P3 LIB.




2147
b 23.9.
€ a7

a7,
b 24.7-
€ 29.7
d 58,

€177,

'i62.
LIB. VIIIL

Pror. I.

A, 8.8, 12. C, 18, D, 37,
E-Fe- G---H---»

Ny o fuerint quatcungue mumeri_dein-
y A o» proportionales A, B, C, D ex-
BER 1remi verd ipfoium A, D primi in-
ter fe fuerint,iph A, B, C, D mi-
nimi funt omminm eandem cum eis
vationem babemtium. ]

" Nam,fi fieri poteft,fint alii tutidem E,F,G,H
minores in jlla ratione, * ergd ex zquali A.D: :
E,H.ergd A, & D primi numeri, ® adedque in
fua rxtione minimi ¢ zqué metiunwurE, & H
feipfis minores, Q. E. A.

, Propr. IL
) 1.’
A, B,3.
- Aq, 4. AB,6. Bq, 9.
Ac,8. AqB,12. ABq,18. Bc,27.
Numeres reperive deinceps proportionales minimos,
qsatgmqu jufferis quifpiam, in duta ratiome A
ad B,

_Sint A, & B minimi in data ratione. Erunt
Adq, AB, Bq tres minimi deinceps in ratione A
adB

Nam AA. AB2 :: A. B *:: AB. Bs.
jtemquia A, & BY primi funt inter f¢, cerunt
Aq, Bq inter fe primi; 4 proinde Aq, AB, B]
funt = minimi in ratione A ad B.

Dico porrd, Ac, AqB, ABq, Bcinratione
A ad B quatuor cfle minimos. Nam AqA,
AqBe:: A.B¢:: ABA (AqB ) ABB, caq;
A.B:: ABq. BBq. (Bc) Quum igitur Ac, &

Be
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& Bc f inter fe primi fint, serunt Ac, AqB, £ 29. 7.
ABq, Bc quatuer -: minirni in ratione A adB.

Eodem modo quotvis proportienales inveftiga- & 1 %
bis. Q. E.F.

(ovoll,

1. Hinc, fi tres numeri minimi funt proporti-
onbalcs » extremi qwadrati erunt; fi quatwor ,
cubi.

2, Extremi quotcunque proportionales per
hanc propol, inventi in data rationc minimi,in-
ter fe primi funt,

3. Duo numeri, minimi in data ratione, me-
tiuntur omnes medios quotcanque minimorum
in eadem ratione, quiafcilicer producanner ex
illorum mukiplicatione, in alios quoldam nu-
sneros. : .

4. Hincetiam liquet ex confiru&ione, feties
numerorum 1, A, Aq, Ac; 1,8, B3, Bc; Ac,
AqB, ABq, Bc. conftare zquali muliitudine
npumerorum , a¢c proinde extremos numeros
quotcunque minimorum continué proportiona=
Hum, efic ultimos tocidem continué proportio~ °
nalivm ab unitate, ut extremi Ac, Bc continud
peoportionalium Ac, AqB, ABq, Bc funtultimi
totidem proportionalium ab unitate 1, A, Aq,
Ac & 1,B,Bg, Bd. '

. 1, A, Aq, Ac;& B,BA, BAq; ac Bg,ABq
funt = in ratione 1 ad A. item, B, Bq, Bc; &
A, AB, ABq; ac Aq, AqB funt ;- in ratio-
nerad B, ’

Pror., III

A,8. B,12. C,18. D,28.  Sifint quot~

_ cunque wamers

A, B, C, D deinceps propartiomales, minimb omni=
um eandem cum eis vationem babentinin llorum cx<
tremi A, D funtinter fe primi, Nam
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a8,

L ;‘.70
b 3 pefl.7.

€ 9. 4x.7.
d 18,9,
€7.5.

f 2.7,
: g 37’ 70

b 3. peft.7.

EUVCLIDIS Elementorum

Nam fi2 inveniantur totidem numeri minim
in ratione Aad B, illi non alij erunt, quim
A, B, C, D; ergo juxta 2. coroll. przcedentis
extremi A & D primi funt inter fe, Q.E. D\

Pror. 1IV.

A,6,B,5.C,4. D, 3. Rationibus ds-

H,4. ¥, 24, B,20. G, 15, 14 quotcungs in

e-K--L--- mInmmis terminis,

(AadR,& Cad

D) reperive mumeros deinceps minimosin datis ra-
Lionibus.

3 Reperi E minimum, quem B, & C metiun-
tur; & B iplum E b zqué meciatur, ac A alterum
F, puta per eundem H. *item Cipfum E,2c D
alterum G 2qué metianwr, etunt F,E, G mi-
nimi indatis rationibus. Nam AHc=F; &
BH<—E.dergd A.B:: AH.BH ¢::F. E.
Similiter C. D :: E. G. funt igitur F,B, G
deinceps Froportionaics in datisrationibus. Imo
minimi {unt in jifdem : nam putaalios I, K, L
minimos efle. f ergd A, & BiplosI, & K, £ pa-

- ritérque C & D ipfos K & L 2qué metiuntur,

ergd B,& C cundem K metiuntur.§Quare etiam
E eundem K metitur, feiplo minorem. Q. E A.

A,6. B,§. C,4 D,3. E,5. F,7.
H, 24, G,20. 1,15, K, 21.

Datis verd tribusracionibus Aad B, & C ad
DjacEad F, Reperi, ut prids, tres H, G, 1
minimos deinceps in rationibus A ad B,& Cad
D, tunc fi E numerum I metiatur, »

1Sume alterum K, quemF 2qué metiatur e-
runt quamor H, G, I, K deinceps minimi, in
datisrationibus, quod non aliter probabimus,
quam in priori parte, '

A6,
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A,6. B,5.C,4. D,;3. E,2. F, 7.
H,24. G,29. 1,19.
M, 48. L, 40. K, 30, N, 109,

S in E non meriaty I, it K mini-
mus , quem E , & I maiuatur 3 & quoties
Yiplum K, toties G iptum L, & H ipfum M me-
tiatur, ‘quoties verd E ipfum K, toties F iplum
N metiatur, Erunt M, L, K, N minimi dein-
ceps in datis rationibus, quod demonftrabimus,
ut Prlus.

. Pror. V.

Plans  numeri
C,4. E,3. CD, EF rui-
‘122_6‘__‘ F,16 ED,18. onem babent ex la-
CD, 24 EF;48. teribus compofitam,

(D_c D
- EF-—E*E)a 17. 7.
Nam quia CD.ED?:: C.E; & ED.EF i1y 50, gef 5.

Cbb __ CD D
— T — ¢ er] in® 11 5
D.F. a\:qucDF_l= £D ~+ EF, ©.crit ratio
€D -6
5 =F “F Q.E.D.
Pror. VI

A, 16.B, 24. C,36. D, 54. B, 81,
F,4. G,6. H,9. )

. 8i fint quotcunque memers deinceps yroportionakes
A, B, C, D, E: primus autem A fecundum B non
metiatur, meque alins qui(p-am wllum metietur.

- Quonjam A non metitur B, neque quilibet
proximé fequentem metietur;quia A.B :: B.C ::
C. D, &c. b Accipe tres F, G, H mininios in b
ratione A ad B, quoniam igirar A non meti- 35. 7
tur B,* neque F metierur G, cergd F noneft ¢ ¢ 4, »,
unitas. fed F, & H inter fe primi funt; ergd d 3. 3.
quum ¢fit ex zquo A.Cu:F.H, & F none 14.7:
metiatur H,  neque A ipfum C muerictat; pro-
inde nec Biplum D, nec C ipium E, &e. quia
AaCS;:BaDe:; Ct B > &Co !EOde mod.o

<" © fumptis

a 20, Jeﬁ 7.
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a6.7.

a 35. 7
b 14. 7.
€ byp-

d 3. 8
€ 2.7

£ confir,

EUCLEIDLS Elementoram
fumptis quatnor vel quiaque minimis in ratio=
ne A ad B, oftendetur Aiplos D, & E; 2 B
ijfos. E, & F non metiri, &c, Quare nullug

ium metietur. Q.E. D,

‘

Prop. VII
A, 3. B,6. C,12. D, 34, B, 48,

S} fint quorcunque rumeri deinceps proportionales
A, B, C, D, E; primus astem A extremum B me—
tiatur, is etiam meiituy fecundum B.

Sinegas A metiri B,? ergd nec iplum E me-
tietur, contra Hypoth.

Pror. VIII,

A,24. C,36. D, 54. B,81. Siinter dues
G,8. H,12. 1,18, K, 27. nwmeros A, B
B, 32 L,48. M. 73. F,108. medii continkd
. projortione ce=
ciderint numeri C, D3 -guor inter ees medii con-
tinui proportione cadunt numersytot & inter alies
E, F eandem cum illis babenfes rationems medsi
comtinud proportione cadent. (L, M.)
1Sume G,H, I, K minimos - in ratiene
Aad C;berit ex 2quali, .K:: A, Bc:E. F.
Argui G, & K 4 primi funt inter fe; ¢ quare G
2qué metitur E, ac K ipfum F. per cundem nu-
merum metiatur H iplum L, & I ipfum M.
f jtaque E, L, M, F itd (¢ habent t G,H,LK;
hoceftut A,B,C,D. QE.D,

Pror, IX.
1. 8¢ dwo numeri
E,2. F, 3. A, B fint inter 2
G,4. H,6, 1,0 primiy & inter

A,8. C,12. D,18, B,27. eos medii contie
L . _msi  proportione
seciderint mmeris C, D gt inter e0s medii con=

-
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il propertione cecidering numevi, totidem ( E,G;
& F,1) & intei uirumque eorum ac u,umtem me-
dii mmnud proportione cadent.
Conftat 1,B,G, A; & 1, F,I, B efle &
totidem quet A, C, D B, m«mrum €x 4 coroll.

2.8, QB. ~

Pro». X,
A, 8 5,1 K, 18, B,27. Si inter duss
E,4. DF,6. Gy9. . numeres A, B, &
"D,2. F3. © wnitatem continud
1. . . preportionales ceci=

deyint numeri (E,
D; &F,G,) quet inter atrumque iplorum, &r
' mtatmdumep: medii centinud properiione cadunt
nkmeti, totidem & iney ipfos medis continui pro-
porsienc cadent, 1, K.
Nam E: DF,G; & A,DqF (I )) DG (K)’
B funt &, per 2.8, ergd, &c.

Prer. XL

A, 2. B,3. Disarum quadrateriss
Aq, 4. AB,6, Bq,9. memerersm Aq, Bq snxs
medius properisonalis eft,
numerns AB. & quadretum AQ ad qasdratum
Bq, duplicwan bnbct lateris A ad latws B 14
tioncm.
=quuct Aq, AB, Bq. cffe & P promdc 2177

ctism -3— bis. Q.E.D. d'f $5

Prop.
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2zt
b 10.def. 5.

EUCLIDIS Elementirum

. Pror. XIL
Ac,27. AqB,36. ABq,48.Bc,64. Duorism
A,3. B,gq . cuborum ni-
Aq,9. AB, 12, Bg,16, meveriem AC,

Bc dus me-

dii proportionales funt numeri AQB, ABq. Et cubus
Ac ad culum Be triplicatam ‘babet lateris A ad
latus B rationem. : .
3 Nam Ac, AqB,ABq, Bc funt 5-in ratio=

ae AadB, proipde 3—::% ter. Q E.D. ’

Pror. XIIL

A.2. B3 C,8. '
Aq, 4, AB. 8, Bq, 16. BC, 33. Cq.64.

Ac,8,AqB,16,ABq. 32.Bc,64,BqC,138,BCq,256. Cc,512,

a8
b14. 7

a2%x118,

Si fint quotlibet numeri deinceps proportionales,
A, B, C; & muliiplicans quifque feipfum faciat
aliquos 3 qui ab illis prodults fuerint Aq, Bgq, Cq
propostionales evunts & fi numeri primum pofici A,
B, C multiplicantes jam factos Aq, Bq, Cq, fece-
tint aliquos Ac, B, Ccs ipfi quogs proportiendles
ernt. & femper circa extvemes hoc eveniet.

Nam Aq. AB, Bg, BC,Cq*funt &~ bergd
ex zquo Aq. By :: B Cq. Q. E.D,

altem Ac, AqB, ABq, Bc, BqC, BCq, Cc
funt -3 , bergo iterum ex zquo, Ac. Bc:: Bc.
Cc. QE.D.

Prop. XIV.

Aq,4. AB,12. Bq,36.  Siyusdratus mu-

Az B, 6. merus Aq quedya-

tum numerwin Bq

metiatyr, & latus snius (A) meietnr latus dlterins

(B): & ff unius qualiaia s A meticsur Latus al-
tevius B, & quadrains A qualiatum cq mcticw]n

1. Hyp. NaimWig AB 2:: Afi. Bq; cim
igiwur ex hyp. Aq metiatur Bqj idem A,q fe
) cunddm
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‘cundum AB bmetietur..atqui Aq AB :: A.b7. 8.
.B. sergd etiam Ajmetitur B, Q. E. D, . € 20:def 7.
2 Hyp. A metitur B. cergd tam- Aq, ipfum
AB, < quim AB iplum Bq metitur; ¢& proinded s1. ax. ¥,
Aq metiner Bg. Q. E. D, _

Pror. XV, L
: A,2, 'B,6. Sk cubns ni=
Ac,8,AqB,24. ABq,7z.Bc,;16. merns A, Gl -

: bum numerum

Bc metiatar , & latus mius (A metictaar - latws
alterins g;c): Et f§ latus A umus cubi Ac latus B
-alterius Bc metidtur 5 - & cibas Ac cubum Bc
'th to .
X. Hyp. Nam Ac, AqB, ABq, Bc *funt £ 3 2. &1 8,
ergd Ac, b metiens extremam. Bc , © etiam fe- P by
cundun AQB metietur. atqni Ac, AqB A, B, € 7%
4 ergd etiam A menictur B. Q. E. D. d 20.4efy,

3. Hyp. A metitarB; dergo Ac mctimmg}, '
isque ABq, & hic B3 cergd Acmasietur Be, ¢ 11 axg.
Q E D, - : :

Paor. XVI.
A,4. B,9. Si quadvatrs numeras Aq
Aq, 16. Bq,81. quadratum manevum B non.
| metiatury neqs A latus urius

alterius latus B metietuss & fi A atus unius qua- &
drati Aq non metiatur B latus dlierins Bq , neq;
quadratys Aq quadratum Bq messetnr, )

‘1. Hyp. Nam i affirmes-&:metirkB, s edam
JAq iphnn Bq metietur, contra hyp, . EERTE A

2. Hyp, Vis Aqmetiri Bq ; » ergod A ipfum
B meticeur, contra Hyp.

Q Pror.

A



470 EVCLIDIS Elementorum
- _Pror. XVIL
A2 B3, i cubus mamerws Ac cu-
Ac,8. Bc,:7. bwm mumerum Bc non metia-
" tur, peque A latus wnis latis

B alterius metictwrs Et f§latus A upins cubs Ac
latus B alterins BC ngn metiatiy 5 neque cubus Ac
cutum Be metiethr. . _
- 1. Hyp. Dic A metiri F3*® ergd Ac metietur
Bc. contra Hypeth, o .

2. Hyp. Dic Acmetiri Be; 2 ergd A iplum B

a 15. 8,

'metietur, contra Hyp,
o Pror. XVIIL )
C.6. Dy, Duorlé fimiium pla-
.- CD,13, " nerumnameroviem CD,
E,9. F,3.DE,18. EF,.smus medius pro-
EF, 27. . portienalis 4ff mumerns
DE : & plams CD
a3 plarum EF duplicatam babet latevss C ad latws

-bomelogum E rationem,

* 30 def . uoniam * exbyp. C.D:: E. F; pérmu-
a 17, :f7 taf%trit CE ::l;‘.’F. atqui C.E * :: CD.
b 11§, DE; * & D.F:: DE.EF. bergo CD. DE =2
DE.EP. Q,B.D.
&10. def §,  © Brgd ratio CD ad EF duplicacs et rationis
.ﬁD ad DE; hoc eft rationis Cad E, vel D
-

o Coroll,

- Hinc perfpicuum eft, inter duos fimiles pla-
nos cadere unum medium proportionalem, in
satione laterum homologorum,

Pror.
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-Pror. XIX. i
4CDE, 30. DFf, 60. FGE, 120. FGH; 240*
€D, 6. DF, 12, ¥G, 24 -
. C,2. D,3. B, 5. F, 4. G, 6, H, 1o,
Dugrum fimilium (olidorum CDE, FGH, dua -
wiedii proportionales funt mumeri DFE, FGE. €t
-{olidus CDE ad filidums ¥GH triplicatam ratio~
nem habet lateris homologi C ad latus bomdlggum F.
Quoniam ex*hyp. C.D.: F.G; & D. * 14, 4.5,
‘B2 G.Herit *pemutando C. F:: D. G2 a 13,9,
*B. H.atqui CD. DF%:: Q, 3 & DF. FG":: b 15, 7.
D.G. cquareCD: DF :: DE. FG:: E. H, € 11. §.
dergo CDE. DFE:: DFR. FGE:: E.H :: d 17. 7.
.FGE. FGH. ergd inter CDE, FGH cadunt -
" duo medii proportionales, DFE,FGE. Q. E.D. ¢ 10. df. §
“&Jiquet ﬂi_gitur rationem CDE ad FGH wipli- ;
“cardm efle rationis CDE ad DFE, vel Cad F.
"QE. D,
Cbi“”' . '

Hinc, inter duos fimiles folidos cadunt duo
medii proportionales , in ratione laterum, ho-
mplogorum.. .

ERs Prer. X X.

A, 12. C,18. B, 2a7. - Si inter duos -
D, 2. B, 3. E,6. G, 9« meros A, B, wnss me-
dixs preportionalis c2~

" dat aumerus C, fimiles plani evunt ills numeti, A B.

3 Accipe D, & B minimos inratione Aad , 5, o,

C, vel C ad B, bergo D xqué metitur A, acE b 31. 7.
.iplum C, puta per cundem F. ® jtem DD 2que me-

titur C ac B ipfum B, pumpercundem G.cet= ¢ o, gr. 7. -
‘g0 DF= A, & EG=B. 4quare A, & Bplani d 16.44. 7.

funt numeri. Quia verd EF ¢=C <=DG; :

ceritD.E : F, G, & viciffim D.F:E. G. ¢ 19.7.

fergd plani numeri A, & B eriam fimiles fuar. f 2. defi 7

QE. R -
P .
; Q 7.‘ ' ROP,
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aze EVCLIDIS Elementorum

Pror. XXI. -
A, 36, €,24..-D,36. By¥q 8i inter
B, 4. ‘F,6. G,9. daos  mume-
H,2,.P;2.M,4.Ky3.L,3.N, 6. 705 A;B duo
medii pro-

portioudles cadaut tumeri C, D fimiles folidi etuzs
il momeri, AB. '
a2 8 . ¢ Sume B, F, G mihimos < in‘raticne A ad
b . 8" -C,b ergd B, & G funt numeri plani fimiles;
c 2r. def. 7. hujuslateta Cne H & P; illivs K& 'L: < ergd H.
d cor.18.8. K'P. L :: ¢E.F. Atqui-B, F, G ipfos A, C,
e 321, 7. Deeqné metiuntir 3 puta per ‘eindem M; ii-
démgue iplos, C, D, B %#qné metiuntur, puta
£9.ax.y. ‘per eundem N. f tt'gbA:EM:‘_‘.HPM f&
B 17- d¢f£. 7. B =GN == KLN;; ¥ quare A'& B folidi funt
numeti, Quonismverd C £ —=FM; & Df=
hog. 7. EN, eritM. N2 ::EM.FN k:: C. D!:: E,
k7 5  Fi H.K:P. L.mergd A, &Bfunt numeri

4 conflr,

‘@ 24, def.7, folidi fimiles. Q. E.D.

?"o" “* 11 I.
‘, 4. B, 6.‘ 'C, 9- Si tres m H, n,
: _ C deinceps fint projorti-
. snales, primus eusem A fis quadvaius, & tertins C
quadyatus evit. ’
. Inter A, & C cadit medius :proporiénafis,
@ 20.8.  3ergo A, & C fum fimiles planigquire® eim A
b by quadratus fit, erit C etiam quadratus. Q. E. D.

Proo. X X I Io

A;8.8,12.C,18.D,37. i quarkor numiri
. A,B,C,D deip-

“ceps fint proportionalesy primms autem A ot cubus,

‘& quartus D cubies'enst.
a21. 87 Nam A, & D *fimiles folidi funt} erg§

LTS bcim A cobus fit, eric D cubus: Q. E.D.

- Paor.
-

<
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Prom XXI1V.

¢ A,16. 2q, B,36.  Si dwonsmeri A, Bra-

i C,4. 6. D,9. tionem baheant inter f[o,

} , quam quatatus mameras €

1 at quadratum mumerum D , primus autem A° i

e quadvatus; & fecundus B quadvaus evis,

“Inter C, & D numeras quadratos, *adedque * 8. 8:
joter A, & B candem rationiear habentes * cadica 11 &
waus medius propartionaljs. Brgo ® cim AL byp.
quadsatus fit, ¢ etiam B quadratus erit, Q. E. D, ¢ 22. &

Coroll.

Liquet cx his, proporticnem cujufvis numeri
quadratiad quemlibet non quadratum, exhiberi
nullo modo pofie in ducbus numeris quadratis.
unde non erit, Q. Q:: % 2. nec L5 Q.
Q. &c. i

Propr, XXV.

. C,64 96. v44. D, 216,  Si dus muweri
- A,;8. xa, 18, B,27. A, Brationeminter
’ ’ 7 fe babeant’, quam
cubus numevns C ad cubum numerwm D, primus ag-
tem A fit cubus, & [ecundus B cubus erit. i
1Xnter C, & D cubos , badedque inter A & a 12. 8.
B eandem rationem habentes , cadunt duomé- ® & &
dii proportionales. ergd propter A ©cubum, € byp.
4 etjam B cubus erit. Q.E. D+ : d 23 8-

) COYOK : !

N Patet etiam ex his proportionent cujulvis nu-
meri cubi ad quemliber numerum non cubum:
non pofle.reperiri in duobus nutneris cubis, .~ -

ANl K M el

Q3 Pror;
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Pror. XXVI. .

A, 30. C,30. B,4s.. - Similes plani nmmeri
D,4. R,6. F,9. " A, B rationem inter fe
babent, quam quadrasns
samevus ad quadratum monerim.
a1l Inter A, & B ?cadit unus medius proportio-
| YEWE R mlisc,bjnme‘trcs D, E, Fminimos - i ra- -
tione A ad C. Extremi D, F ¥ quadrati erunt.
514y, Aqui ex’zquali A.B <:: D.F, ergd A.B ::
QQ QE.D. :
. Pror, XXVIL , ;
A, 16, C,24. D,36. B,gq.  Similes fali-
E;8 F,13. G,18, Hy27. di rumeri A,

» B, rationem ba-
bent inter fe, auam cubus nunmerus ad cubum nume~
rim.

a8l *Inter A, & B cadunt duo medii proportio-

bas nales,puta C & D : b fame quatuor E, F, G,H.-
minimos - in ratione A ad' C. PExtremi E,.
€14 7. » Houbi funt, At A, B s B H:C. C.o

. Schol.

3. Ex hisinfertuc , nullos numeros habentes
proportionem fuperparticulirem , vel fuperbi-
partientem, vel duplam, aut aliam quamcunque
multiplam non denomimatam 3 numero qua-
drato efic fimiles planos. :

2. Necduoquivis primi numeri, neque duo

icunque inter fc primi, qui quadrati non fint, ,

miles effe poffunt, :

3 [N

Vide Claviam,

LIB,
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LIB. IX
Pxop;ﬂ'!‘.

A8, B,ss.
Aq. 36. 108. ‘AB, 324,
Q! duo [imiles plars mumeri A, B
multsplicantes  fe  muatud faciaw
quendam AB , produitus AB qui-: .
dratus erit. -
Y, Nam A. B *:: Aq. ABjcdima 17 7
igitur inter A, & B-Pcadat unus b 18 8, .
medius proportionalis , ©etiam inter Aq, & ‘B.c § &
cadet upus med. proport, ergd cim primus Aq’
fir quadratis , detiam tertius AB quadratus d 22. 8,
eric. Q. E. D : o
Vel fic. Sint ab, cd fimiles plani, nempea.b 3z
c.d. vergd ad=be. quare abed,vel adbe y 5 adad * 19. 7.
=Q:ad. R At

22T § .
Si duo numeri A,B fe. V .
A, 6. Bsq. mutwd mu'tiplicantes faci= .
Aq, 36. AB,324. ant ABquadvatum, fimiles ¢ &
plani evunt, A, B. ”

Nam A. B2 :: Aq. AB; quare ciim iater Ag, 8 17- 7-

AB»cadat unus medius proporvionalis, ¢ eriam,® 3"
unus inter A, & B medius cader, dergd A, & B g 10, &
funcfimiles plani. QE.D. - . . .. ’

Y

. Proe. III. I
A,z Ac,8. Acc,64.  Sicubus mumevis Kc . ¥
[k fin mudtiplicans pro-

creet aliquem-Acc, produitus Acc cubus erit. .

Nam 1. A? :; A, Aqb:: Aq.Ac.ergd inter 1,873 15 def 12
Ac cadunt duo medii proportionales.Sed 1. Ac*::'d 37. 7.
Ac.Acc. cergd inter Ac,& Acc cadunt etiam duo.© 8. 8.

: Q4 _ medii.
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4238

a 17, 7.
b r2. 8,
c 8. 8.

da3 &

217. N
b 12. 8,
¢ 8. 8

d 13, 8,

a
13 f’:def. »
€5 9

ETUCLIDIS Elementornm
medii proportionales. Proinde-cum Ac fit cu~
bus, ¢ erit Acccubus. Q. E. DT .

Vel fic; a2 ( Ac) in fedudus facit aaazea, -
(Acc); hic cubus eft, cujus latus aa,

: szo’- I.V.
Ac,8. - Bt 7. Si cubws mumerus Ac
Acc, 64, Ac Bc, 216,  cubim mumersm L mul- -
tiplicans , facias: diquem
AcBc, faflus KcBe cubus erit. :

Nam Ac. Bc *:: Acc. AcBe. fed'inter Ac,
& Be Ycadunt duo medii proportionales;. < ergd-
inter Acc, 8 AcBctotidem cadunt. itdjue cim
Acc fit cubus, 4etit AcBc etiam cobus. %E.D,

Vel fic. AcBc = aaabbb (ababab) = C: ab,

Pzor. V. ' X
Ac,8. B, Si cubus numevius Ac
KAcc, 64. AcB, 218, mumerum quendi B mul-
- tiplicans , fasiab cubum
AcB; & muitiplicatus B cubs erit,

Nam Acc. AcB2:: Ac, B. Sed inter Acc, &
Ac® ® cadunt duo medii proportionales. ¢ergd-
totidem cadent inter Ac, & B, quarecium Ac.cu~-
bus fit, 4 e&tiam B cubus erit, Q. E. D, S

Prer. VI. o
K, 8.Aq,64. K, g12.  Si mummrus A fés
S ' ipfim: mltiplicans fa-
ciat Aq cubum; & ipfe A cabwr erit. Co
Nam quia Aq 2 cubus, & AqA (Ac)bcn-
bus‘ ¢ erit A cubus, Q.E. D, . ]
Pror. VII

IS

A6 B, 11, KB,66. si uﬁpiﬁtﬁl umens

faiat KB, faftus AB: [olidis eriv.

D;1. B, 3. A mumeram quempiam B
mudtiplicans  quempians

Quoniam
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*: (quonizay A compofitus oft, * metitiw cama & 13.4ef 7.
liq'u's D, pua.per Bwhu:gd A=DE; «quice 2 f a ..‘-,
DEB=AB folidws cft. Q.E.D.. - 7: e 7

Pror. VIIIL
1.3,3.2%9.2%27. 8 4,81.25,243. 2%, 739"

" S ab unitate quotcumgue. xumes deinceps prapoi--
_tionales fuerint ( 3,3,8% 23,24, 8&¢. ): reiths
qiidem ab unitare 3 * quadvara offy & unkm intey-
~mitsences ompes (3 4,8 52 8, &c.) : quartus ausem
a3 off cubus, & duos intermittentes omnes (a4, 2%,
&c.) feptimms vere 3 8 subus fimdl & quadratss, o -
'ql_dﬂs intermittontes ammes (a 12,319, &c.) -
smi, 12 =Q. 2. & at=ana—Q aa.
& a ¢ aana =Q. e, &c.
2alzman=Coa &Kas=damn=C..
232. & aaaaaagaa = C.ass, &¢. . '
3. a ¢ =azeasa = C, 2a== Q.ana.ergd, &c, 2 f
Vel juxca Euclidem; quia 1. 2% :: 2.2 3, berit b 30 7o
2:=Q:a. ergdcdmar, a?, asfinr - caic € 3 B
tertius a 4 etiam quadratus, paritérq; a 6,2 §, . .
Ttemquia1,a32a%.29, erit a3 a%in3z= 4 23 g
G: 3, 4ergd quartusaba 3, nempe a ¢, etfany cu-
bus erit, &¢. ¢tgd a ¢ cubus Amul & quadratus
exiftis, &e. , 4
Pror: IX..

1.2,42%16,.23,64. 84,346, &ca.

. S.38023, 64,33, 513,24,4096. . - -
: Si ab wmitate quetcuspue pumens deinceps fed -
portionsles fuerint (153,23, 2%, &) 5 qui v+
(8) paftwnitasem: fit-quadvatus , ¢ veliqus om:.i:
82,23,49, 8¢, quadvacierumt. At fia, qu ot
writarers. ffs cubusy & roliqui omnes 3 252 3, a 4,8, .
sxbi erunt, L R

1, Hyp. Nama31, 24,39 &e. quadrati-fune

€ prc.item quiaa poiitur quadedtus, ferit 5
rextiusa 3 quadratus, paritérque as,a 7, &c <30
emats,. Qs

B ]

oaddyh -



A78 - XU CEIDIS Elmntorsm
s.;‘"' 8, - 5.*13 . aﬂ‘hliPmimp.bﬂ'gba‘s aT,a'é
237 cubilfqtﬁ}:.a:qui ex praced. a3; a 6,2 9; &c. cubi
3% - funt, denique quiat.a . <, eritar=Q
a. cubus autem in fe  facit cubum; ergd a * cu-
bus eft, & ¢ proinde ab ¢o quartus a s, paritérq;
3 %,a =, 8¢, cubi funt, ergd omnes. Q. E. D,
+ Clarius fodfitan fic; Sitquadrati a latus b, er-
" go feriesa, a*, 39,2 4, &c.aliter exprimerur fic,
b; b4, be, b8, &c, liquet verd hos omnes qua~
dratos effe; & fic eviam exprimi pofle; Q: b, Q:
bb, Q: bbb,Q:bbbb, &, = "
> Eodem modo ,. fi b laws fuerit cabi'a. feries
itd nominari poteft: b3,b¢, b, b, &, vel
C:b,C:b%, C: b3, C: b4 &, -

Prop, X.
‘7,38%2%,2435,3% ° Si- b wiitate quat-
3,2:4, 8,16, 33,64. cunque mumeri deinceps

' proportiendles fucrimt (1,
3,2%a3, 8c.); qui verd pofl unitatem (3 ) non
(e quadratus, neque alins xllus quadvatus erit, pra-
ter a-tertinm ab_unitate , € wnuws intermittentes
omnes (a%a% 3% &e.) Atfia, quipof umite-

tew non fit ub)g",ﬂ que ks alius cubus erit pre-
Ser a ¥ quariihs db guitase, & duos intermiticnies
emnes,a % a9 an, &c, . -

1. Hyp. Nam 6 feri poteft, it 2 squadratus.
numeras, quoniam jgitura.ad *:d 4 a9, atg;

_ :%Pﬂﬁ* inversé a2 4::a3¢a;sintqued s, & a 45 qua-:
89, . drai, primvisque a.3quadrasus., cerit a ctiam:
€

24 8-‘.* Quadrarus, contra Hyp. ~ -
"~ L Hyp.. Sifieripoteft, fiva 4cubus.. quoni-
am igiturdex @quaa 4.8 621 2.2 %, NQUe:ine
, versc a %.a4::atag bsintquea s, & a4 cubj
& primus.a’3 cabits} "¢ étiam a cubus erit, con~

25. 8.
ol ~ saHypoth.. S

Irom.



Liber IX. : )

i} _Pror, XI. .
1, 2, 33, 23, a4, as; a&k _Siab u--
1, 3, 9, 27, 81, 243, 729. miate quet—

_. . - cung; Aymevi
deinceps proportionales fuerimt ( 1,1,2%,33,&c. )»
WineY majovems melitur per aliquem eavum , qusin:
proportionalibus fumt mumeris. .
. : . 82 13-4 . ar. 7.
oniam r.a ::a.aa,. * C— 3= :
,_Céi aa el — ma= o 0T
r . o
ffem quia 1. 2ab :: 2, a2a..? erit MW —aa=b
‘ . .
a4+ as : . ’ '
T2 = 5 Xc. deniquequia 1,81 b:ra.a1;)

Laic 2 —ai;—.-'-;&c.
a
Cmfll.

. Hine, fi numerus qui metitur aliquem ex pro-
portionalibus ; nea fic unus proportionalium, -
neque RUMErus per quem metitur, erit aliquis ex:
propostionalibus.

. Pror. XIL.
31,2,2%,23, 3% Si ab unitate quotcungs
3,6, 36,316,8296.. numeri deinceps proportri=
By3 nales fuerint (152,21
a ¥ a4,) 3 auicumque pri-
worim numerorum B ultimum a 4 meliunsur, iideny
(B)& cum (2) qui unisars proximus eft pmetientur..
. DicB non metiria, * ergd Bad aprim®eR;,, 5,
bergd Bsdas primus eft 5 & cproinde ada 4,127
<Tg0 B3C.a® primus cit 3 X 72y,
quen metiri ponitur Q. E. A ‘€ 28, 70
. Covl.. : .,
. 1..Ttdg; omnis numerus primus ultimum me— -

1iens ,. metitas quog; omnes alios ultimum pra—
ecdentes,. . & Si



8o B UCEIDIS Elewentorsm

2. Sisliquis numerus now meriens proximum:

unitati, mevigtur uhtimum;, erit numeros. come”

pofiw. C

. St prosinms unitati’ it primus numerus;

" nngllusfdimprimusmnm.. timumn meriecue:-
Pror. XIIL

o8 & W & 8 &b wmitore

5§, 15, Ii5y Ods.  guetcumque numeii-

H-- G-- B-- B~ deinceps proportio~-

- . ) mle fm"t (a,
@; 8; e, qui-verd pofl wpitatem (4) primus
fit3 maximant mulins ains metivvwr. , prater.cos. i
[t in numeris proportionalibus. .

Si fieri poteft, alius quifpiam Bimetiatur 4%

2 eor.11.9. Dempe por F3 3 crit F alivs exera g, @, a%
haer1sg. Quia verd B metiens 4*-non metitur 4, ¥ eric.
PEIR N E numerus compofisus; “ergé eum aliquis pri-
& 14, ax.7, Musmetitor , 4qui proinde ipfim #* metitur;
€ 3 eor.82.9. tidedque aliny non eft; quim 4, ergd ameti--
tur B. Eodem n.\odo oft¢ndetur E: eompofivus.
pumerus, metiens a4, adedque 2 ipluni’ B mexiri..
B ex e itaque qum EF ‘=¢4=aﬁin‘ at, ferit 4. :: F.
-7 4 ergd cim.a metintar B, S2qué F.metierur -
i::’,. :’{ ’7.‘ a3 purta pey cundem G, X Nec Gerit 4, vel 2+
. ergd, ut pritls, 6 eft numervs compofitus, & 4.
eum metitur. quum igitur FGf=dsping,
- serit 4. F 2: G.@% & proinde, quia A metitur:
*. Fy»aqué G metietur &, fcilicet per cundem Hj;
Xqui non eft 4. ergd quum GH *=mx=ae,
Lsorye  tevit Hoa: . G ergd quia 4 metitur G.(ue:
m, 20, def.7+ Prids ) ;afcl::iam M. metictor 4, numerdny pri- -
mum... - ) -
 Sic Bucides fisprolixé ; brevids fiy Nam .
% 3 cen13 9, Quiz 4 primus cft numeras *nallus alius primus..
: ulrimumest matictup 5-proinde nes ¢ ampofitusy:;
%337, 7 quia omnem compofitum aliquis pricws me~-

15007 ting, crgd, &,

-

——




T T e

.Zihr Ix. : 18s

7 . Pror. XIV. , :
A, 30, S miinimum aumévim K
3,2.C,3. D, primi xumeri B, C, D me-
- Bp-F---  tiauur, anllys aliss mumerss
o . . prms B illem metietur,pra-
tey eos, Ui 3 principio.metichaninr.. )
- 8i fieri-poreft; fic %‘:l. * Brgd A—EF. 3 4. 0.7,
"E;Egd finguli primi numeri B,C, D ipforum
E, F unum menuntut; non K, qui primus po-
nitur; ergd F, minorem fcilicet ipfo A; contra
Hypoth..

b 337

Pror. XV, :
A, 9. By1a. C 16, Sitres sumeri A,B,C
D3 Byg deinzeps propertionales, fu-
erint minimi ommium ean-
dem cum ipfis rationem babentium; dus quilibes
compefiti, ad reliquum primi evunt.

* Sume, D, & B minimos in ratione A ad B. 5 34, 7,.
Yergd A=Dqs* & C=Eq;* & B=DE.Quia b 2. $.
vero D ad B ¢ primuscft,derit D+ B primusad € 34. 7-
fingulos D, &.E. * ergd D in D4+E¢=Dq+ § 13:. ;‘
DE(fAwB) ad E primus eft, idedque 2d G ¢ 3,75,
vel Eq. Q. B. D, Pari pa&to DE+-Bq(BwC) f prids.
ad D primus eft,& proindead A=Dyq. Q.E.D.§ 3.7
Denique quiz B 2d DB Bprimus cff; isad b 16, 7.

~ hujos quadretum ¥ Dq 92 PE + Eq( A2k 43, -

B+C )primus crit’quare idem B ad A+BaC3l-30. 7
3sdebque ad ArC primuserit, Q. E. D,

- In hac. demonfleatione. nonnulla in numeris
affompfimus, que in fecundo libro de lineis de-
monflma funt; sid quod brevitatis fludio feci~-

mus, cim alioqui cadem in numeris demon-.

K:ata habeas apud Clavium, &
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223 9.
b 28. 7.
¢ 6.4x.7.

EUCLIDIS Elenentoram

Pror. XVI..

A,3. B,5. C--- Siduomumeri A,B pri-
s i intev f¢ fuerints non eris.
ut primus A: ad [ecundum B » ita [fecundus B ad

dliswm quempiammC., S
Dic A.B::B.C. cr§6 quum A, & Binfua
ratione * minimi fint, A ® metietur B 2zqué ac B
ipfum C; fed A *leiplum etianx meticury ergo
A, & B noa {unt primi inter {e, contra Hypoth,

Pror. XVII. .
A,8 B,12.C,18. D, 27, E-== i
- Si fuerint quotcungue numevi deinceps proportio-

 males A,B,C, D, extremi autem ipforum A, D

a9 47
b per20.7..

€ 7:48.7-

primi inter f¢ {int; non erit ut primus A ad fecunn

dum B, ita wltimus D.ad alium quempiam B.

. DicA.B:: D, B. erg6 viciflim A.D :: B.E.
ergo quum A, & D in (ua ratione * minimi fint,
® metietur A ipfum B;.©quare B ipfum C,& C

- fequentem D, adedque A.cundem D metietur,
* Ergo A, & D non funt. primi. inter. fe, contra

Hypoth.

Propr. XVIIT.

A4, B,6. C,9.  Dusbsg mumeris datis A,B;
Bq, 16. confidevare an poffit ipfis tertiug

. . ortionalis C invenivi. -

~ Si A meriatur Bq per aliquem C, 2 erit AC,
=Bq. unde® liqget ellcA.B::B/C. QE.E,
in.A non metiatur Bq,non erit

A,6.B.4.89,16. aliquis tertius gropocrlt’ionalis:
Nam dic A.B:: B.C. *rgd AC=Bq. °proinde

29_C. Siilicer A. mexitur Bq, contra Hypoth,
A o .

Prop,.



- Liber 1X. 183
Prer. XIX.

A S, B,12. C,18. D, 27.  Tyibwe mume-

BC, zx‘; _ rvidatis A,B,C,
conff. derare an
pqﬂ't ipfis quartns proportionalis D inwersns.

i A metiatar BC per sliquem D, * erg6 & 9.ax.7.
AB=BC; "conftar igitur cffc A.B C.D.b ex 1p.
Q.E.F,

-~ Sin A non metiatur BC, non datur quartus

g‘rdopomonaht, quod oftendetur, prour in pre-
eati.

Pror. X X.
- Primi usneri plares funt
A, 2. B,3. C, 5. omw propofitd multitudi-.
D,30. G-« ne primerim  numesoum
’ . A, B,C.
*a8itD mihifwus, quem A, B, C metiuntur, a 38.n
fi D_..x _primus fit, res patet; fi compofitus,
bergd aliquis primus, puta G, metitur Dver, b 33. 7
qui non eft aliquis trium A, B, C; nam fi ui
duum s © tomm D-+1,& ¢ sblatum Dmetiarur, ¢ Mﬁ
eidem reliquam unitatem meticrr. Q: E. A.: e
Brgd pmﬁmm primorum numerorum mul- "~ " 7
titado aulta et per Doyx;vel ftkemperG‘

' Pro?. XX‘I‘. - @
T
X... P.-. .B..F ..C G..Dw
Si pares wumeri_qwotcungque AB, BC, CD ¢om-

pmantur,tous AD par erst..
. * Sume EB=} AB,& FC==} BC;& GD=3 2 4 4.7
CD. b ligier EB.«FC-‘-GD—— AD. cergdg o ch. 7.
AD cft:par numerus.. Q_E. D,

Roa © Rroms.
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& 7. def. 7.

b2t 9,
c byp.
d . 9.

EUCLIDIS Elmentiram.

Prer. X”le.\

T, X 4 r -
A .:‘:-no. F . B essage G . C-u-H‘o D:.i L . E. zz..- :
N4 7 13 3 _
Si impares wumeri quotcumpus AB,BC,CD,DE .
compananir, wiltitude autess ip(erum 1 par, 1otis
AR parerir, A .
Detra@i unitate ex ‘ﬁniulis.im;mibus,' ma-.
nebunt AF, BG, CH; DL numeri parcs, &-
b proinde compofitus ex ipfis par erir ; adde his,
< parem numerum conflatum ex'pefiduis unitati--

bus, 4totus idcired’ AB par eri®, Q.E.D.

Pror. XXTIL. . .,

7 5 X Si impares nu~

Aveen B CuBE.D 15, meri quotcunque
3 AB, B€, CD-

tammels

. companantis
_ Sitwdo ausem ipforom fit impar; & totus AD impar -

L erit.

a 23 5
b3t 3.

¢ 7:4ef. 7.

a-g:de.y.
b byp.

€l g,

Nam dempto CD uno imparium,teliquoram -
regatus AC *eft par numerus,  buic zdde

€Dt b totus AR eft etiam par; quare refli- -

tutd umisate totus AD © imparerit.. Q. E. D,

Tror, XXIV,
. 4 50 . Sidpayi nuwero AC "
A"uu-B--..- D.C 10 ’” AB m, (J’
. 6 reliquus BC par evit.

: - Nam€BD(BC..
1)impar fueritlerit BC{BD -+ 1)par. Q E. D..
Sin BD parem dicas, propter AB ° parem, < erit
AD par; 3ideque AC ﬁAD_).x ) impar,coni-
sra Hypoth,. erg6. BC eft par. . Q. E. D.:

[ - ’ Pk"&‘.
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“Pror. XXV. .
6 1 3 Si &:pari-numeso AB:
A.D.C B 10; imper AC detrabirur,
2 o riigues CB impar

’ L enit, :
Nam AC1 (AD ) *eft par. borgo. DB 2 7. 4.0 £
eft par. ¢erg6 CB (DB——1) eft impar, QE.D: b 24. 5.

€ 7.def. 7.
Pror. XXVI, ,
-4 6 1 Si.ab impari mumers
Ann c oreee D‘c B Il.. AB iﬂ"” CB d‘tm-
7 batar 3 reliquus AC
par evit, -

‘Nam Af—: (AD) & CB—: (CD) .
* funt pares, bergd AD—CD (AC) cit par. ; 7. def. 7.

QB' Dn- . : 24.’.
Pror. XX VII. ]
T & 6 Si ab impari numers
A.D..Cu... B 11, AB par detrabatnr CB; -
. - veliquus AC imspar evit. _
' am AB—¥(DB)

deftpar; & CB gdnimr par. bergd reliquus a 7. def. 7.

¢ : impag, b 24- 2.
8) .par’eft. crgd CDur1 (CA ) cft impar. c 7oy -

Prop, X.XVIIL
A,z . Si impar numerme A pavems nune
B, 4. rum B muliiplicens feceric aliquem
AS;12.  AB, fallus AB par evit. 4 )
" © Nam ABacomponitur ¢x im- a byp. &
pari A toties accepto, quoties unitas comtinetur 13- def. 7.° .

in B pari. bergd AB cft par aumerun b s
Eodem mbdo, G A fit numerus. par, &sit AB .
ﬂ. :
P R, ’ PROP-
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Pror.. X XIX.
Ay 3. Si impar numevis A, imparem wi-
B,s. mf ‘; m:l;phcm, fecmt aliquem
AB.1s. - ABsfelius AB impar erit. .
A5 ﬁ'am AB* componitur ex Bim-

a 15.4ef0 7.
pari numero toties accepto, quoties uniras inclu-

bagor - dicurj m A ctiam lmpan-\ Ebrga ABeft xmpar._

QED. -
\ * Scholium.
‘3,12 (C,4. x. Numerus A - mplrammerhm_

Y Y - B parem metitus, pey BTN Pae’

vem C eum metitur.
29,457, Nam fi C impar dicatur, quoniam* B"'AC
b 22.9.. e B impar; contra Hypoth. -

7. Bi1f (C.f. 2 Numerus A mp.zr xmc=

———y

A3 Y Bmpm'm metiens, per mu~
mevum C impaiens eum metitny.
218y Namfi C dicarus para‘em AG, ve.l B par,

~ contra Hypoth AT e
B1s  (Cy. 3. Ommisnumerss ( Ad C)
A3, metitns imparems numerum B off -
smpar
aatg, . Namfinterris A,vel C dicatur par, ’ erie
B numerus par, contra Hypeth.
Pror. XXX. .
B4+ (C,8. T D.r3 (B4
A3 A,3 :

a by, . Si impay numerus A pavem mumerits B metia-
b w Sl tar, & ;'lm dimidinm D metietur,

co.ary,  1Sit - =C. bergd C eft numerus par, .

dn s,
::',ix . Sit i :gltur E=$C, erit BC-—CA“-zEAt—zD
g panz. 80 BA=D; & & proinge x =F QE.D.

Pror.
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Pror. XXXI

A,5.B,8 C,16. D--- i impar mume-
o o4 A od dliquem nn-

merum B primus fit; & ad illins duplum C primss

erit.

Si fieri poteft, aliquis D metiatur A, & C,

2 ergd D metiens imparem A impar erit, ® ide- 2 3. fobol,

éque ipfum B paris C {emifiem metietur. ergd 392

A, & B non funt primi inurfe,contuliypoﬁ:. b 3o »

Consll.

Sequitur hinc, sumerum imparem qui od ali-
quem numesam progreflionis duplz primus eft,
primum quoque efie ad omnes numeros illius
progreflionis.

Pror. XXXIL
1. A,3. Byg. C,8. D16,  Numeroram
. L . .A:B,C!D,&"
& bingrio duplerwm wmfquifque pariter per eft tan-
wm. ‘

Conflat omnes 1, 4,8,C,D 3pares efie; 2 6. 4t 9.
atque b -3 nimirum ia ratione dupla, & < pro- b 30.4ef. 7,
inde quemque minorem metiri majorem per ali- € 11.9.
quem ex illis. ¢ Omnes igitur funt pariter pa~ d 8. defi 7.
res. Sed quoniam A primus eft, ¢ nullus extrmg 1300
cos eorum aliquem metictur, Ergd pariter pares
funt tantim. Q.E. D, ‘

Pror. XXXIIL

A, 30. B, 13, Si mumerns A dimidiam B
Diewe E-a  habeatimparemy A pariter im-
par eft tantiim. :
Quoniam impar numerus B 2 metitar A per's 2 by
parem, beft B pariter impar; Dic etiam pasiter b - zg‘
d
¢

)
3

" parem. © ergd eum par aliquis D perparem B 3 o o
metityr. unde 2 Bé=44=DB. tquare 3. ¢ 15,7
. R 4 Bz

[
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f6.df.7. E=:D.B. ergbnn'mmrpareml:: sfic D
€ 36 477 par imparem B metitur, Q.F. N

Pror. XXXIV. _

- A28 snw mumerns A, megue & binario
, neque dimidinm babeat impa-
Yo pmter pare &pmm impar. .
Liquet A effe pariter parem, quia dimidium

imparem non haber. Quia verd i A bifarietur,
& rurfus ejus dimidiuny, & hoc femper fiat, tans
& 2.4f.7- dem incidemos in ali *imparem, ( quia
non jn binarium, quodiam A 3 binario duplus

non ponitur ) is metietur' A per parem nume-

b 1.,/2h39.9. rum ( nam balias lpfe A impar effet, contra By-

poth. )-crgd A eft ctiam pariter hnpu' Q_B.

Pror. XXXV.

A nnne 8.
. 4‘ 8 .
) : JS . G u.
C 2esebyn “l 000 ’8 ;
4 8
e D.....H'....k... Ko N 2,

Wt quotcunque nameri deingeps p/opnmmalu
g C,DN,, detvabantur astems FG i fe-
ydo dr KN abdtzmcqudmpfwm.&,mt .

ecundi exceflns. BY ad primum A, iti wltims.

uce_ﬂ'm DK ad omnes A BG Ctpfmmmedemes :

Ex DN deme NL=8G; ’

a by O_uonum DN C. HN ‘ "HN BG.

bizse (LN)a: (&G}) ent dx-‘
1§ - 1dendo ubxque, N : HL I‘.

d 3. ax,1, KN.¢quare DK. C_g-BG-eA LK(‘BF )
exss -KN.CA)QED .

Coroll.
Hine 'componendo DN
BG+C:3G.A. "'BG"'C =3

I-‘ur». .
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Liber-1X. 189
Prer. XXXVI.

1. Ay3.8,4. C,8. D, 16.
B, 31. G, 62. H,124. 1,248, F, 496.
M, 31, N, 46 S
Pee-e | Q-

Siab unitate quotcupome mimevi 1, A, B,Cl
‘deinceps expenamtur in dupia prepertione, quead tolus
compafitus B fias primus; & totus hic E in sltimum
D &z‘ulzqmm aciat aliquers ¥ 5 faéins E evit per-

Sumewtidcm, E, G, H,L ctisin in propor-

'tione-duph continue ; etgﬁ *ex2quo A.D::2 14.7.
‘E.L. "crgbAI.=I’)B'=i:. dergd L= :_l:;; 7.
) s .
quare 'E,G,H, L, Ffunt- in ratione dupla, 9 7-4.7
$itG—B=M&F—E= N. ¢ided M.E? : § P
 N.E+G+H L fat Mc=E.8ergo Namg 14,5,
E—fG—P H -l L‘c ﬂg(‘) F."_". 1 o B .z.‘;.l,

C4+D+BE+GaH4 L=E 4+ N
Quinetiam quia D *metitur DE ( F), !etiitm k 7. &x. 7.
“finguli 1, A, B, C ™ metientes D,® nec ion B, 1 11 «5.7.
~ G, H,L metiuntur F. Porrd nullus alius eiin- @ ** %

wdesn F migtitar, Nam fi-alignis, 6t-P; quimeti- :
-atur FperQ. tergd P'Q=F=='DE. » ergd o gl
E.Q:: P. D. ergd clim ‘A primus nemerms

.metiatur D, & P proinde nullus alius P cundem p 13. 9.

metiatur, Yconfequenter E non metitur Q, qus- 9 20- def. 7.
-recdm E primus ponstar, *idem ad”Q primusr 31,9,
-erit, § crgs E, & Qin fua ratione minimi fent, f 13, 4,

& tpropterea E iplum P, ac Q_ipfum D-aqué ¢ 1.7

metiuntur. ® ergd Q eft aliquis iplorum A,B,C. u 13.7.

Sit igitur B;ﬂéld cimex zquo fit B. D : : B.H; -

= jdedque B H = DBE=F =PQ, *adebquc * 197
‘Q.B::H.P.yerit H =P, ergd P eftetiam ¥ 43
-aliquis iplorum A, 8, C, &c. contra Hypoth.

erzd nullas alius practer numeros pradictos eun= 5 13, def. 7.

dem F meictur:  proinde F eft numerus perfe~

@us. QE.D,
. QL ) LIB.
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/ L1B X.
Definitiones.
TR Ommenturabiles magnitudines

dicuntur, quas cadem menfura
metitur, :

(NS
1 Commenfurabilitatis motaeft T, up
D A T-B; beceft inea A8 pedum. .
onmmen|irabilis eft linea B 13 pedums
wia D limea unins.pedss fingulas A, &
, Jmnw&lug\/s ;?;'3,-4 505 guia
2, finghbas of 18, § O metstur.
A TR IS
=y 25 = 1. quare 4/ 18,4/ 50

)

it A

i 3.5 . -

11 Incommenfurabiles aatem
funt, quorum nullam communem menfuram
contingit reperiri, .

Incommenfiaabilitas fipwificatnr notd Tl vt ~76 ‘

T 25 (§) boceft of Gincommen]irabilis eft nu-

mere 55 vel magwitudini bec numero defignate s
quia havwm nulla els communis menfura, ut poftea pa-

* gebit,

11X, Refte linex potentid commenfurabiles -
funt, cim quadrata earum idem fpatium, me-
itur, o

Hyjufie

-



Ll.j"‘ X .-
Hujufce commenfurabilitatis
motaeft - utAB CDh;
22 S I A fex -?.f;imf
. tid commenfurabilis eft linea
e CD; qua cxprimitur per o/

D 20, quia fpatium B uniue pe-
nol - dis quadrati metitnr tam
S ABq (36) quim reflangu~
a lum XY c‘o), ‘“.qﬁlktg
HH 4 quadratum linee CD(y/20
v ) EaIJm nota G- nomnunquam
walet petentia tantim com-
-8 y - menfurabifis;
. 1V. Incommenfurabiles verd potentid, cim
quadratis earum nullum {patium, quod "fit com=
munis corumy menfura, contingir reperiri.
¢ Hufufmedi-incommenfurabilitas denstatur fic 5
§ “T-vy/ 8F; hoc eft mumeri vel linca 5, & 1o/ 8
[uist imcommen[irabiles patentid, quia harum qus-
drata 25, & o B funt incommenfurabilia.
. V. Que cim itd fint, manifeftum eft cai-
cunque reltz propofite, reétas lineas multitudi-
ne infinitas, & commenfurabiles offe, & incpm-
menfurabiles , alias quidem longitudine & po-
tentid, alias verd potentii folim. Vocetur.au-
tem propofita rea linea Rationalis.
Huixs nota ef? j. L
- V1. Et huic commenfucabiles, five longitu-
dine & potentia, fivepotentii tantim, Rationa-
Les, ‘p. :

nw  F

L

-onales vocentur, o
He fic denotantur’e.
~VIIT. Etquadratum, quod 3 prop:fitare~
&a fit, dicatur Rationale, sy,
I X, Et huic commenfurabilia quidem Ra-
tionaliape. ~ !
o . X. Huic

P .
V 11. Huicverd incommenfurabiies Irrati-

‘191'



392 EVCLIDLS Elementorum
X, Huic verd incommenfurahilia, Irrationa-
lia dicantur; pa. . '
X 1. Bt relte, que ‘ipfa poffunt, Yrrationa-

Schel,

kes, 5. . .
Dt pofireme 7

definitiones ex- .
enplo aliquo illus
Prentur , fit cir-
culus ADBP’,
cujus femidiame-
Bt ‘CB; buicin-
[eribantur lasera
fgurarym  &di-,
natasum, Hexs-
. gomi-quidem BP,
P Trianguli AP,
guadrati BD, pentages FD. Itaque fiuxta § de-
fin: femidiamerer CB fft Rationalis expofita, mumere
2, exp;ﬂ‘a, cui religua BP, AP, BD, FD compa-
a cr. 15, 4, yendafum®; ois BP* = BC=1. quare BP et
b ez i “T.-BC, justa 6. def. Item AP ¥=,/ 12
- ( »am ABq €x6 )=BPq(4)=12) guare AP
- effp "B BC, ctiam juxta 6. def. atgue APq
(x2) e fr,perdef. 9. 'Porra(BD" =4 ch
4+ BCq=¢ 8 wd¢BD ¢} }"0-BC;¢&~ BDq
pr. Demque, EDq = 10—/ 20, (#t patebit ex
praz ad 10. 33. tradendi) erit pr, juxia o def,
g;ﬁpmiude FD == ¢/ 10 =4/ 20 ¢ft §, juxta 11
! ’.

Poftwlatum.
Oftuletur, quamliber magnitudinem roties
pofie multipkicari, donec quamliber magni-
tudirem ejuldem generis meﬂat. :

-Aximn.



Kiber X. -
eAxiomata.
8 Agnitudo quotcunque megnitudinet
_ metiens, compofitam quoque ex ipfis
metitur. .
2, Magaitdo quamcunque magnitudinem
metiens, metitur quoque omnem magnitudinem
quam illa metitur.
3. Magnitudo metiens toram magnitudinem
& ablatam, metitur & reliquam,

Pror. L
: ET  Dudbas magnitudinibus ingqualibue
B rAB,C propefisis, fi & majore AB _aufe-
vatur majus quam dimidium, (AH) &

XGlae (HB), quod yeliquum ety rurfics de-

trahatur majus quam dimidium (HL) ,
F& bos [emper fiat 5 relinguctur tandem
quadam magnitudo 1B, que minor erit
. propofité minore magnitudine C.

* Accipe Ctoties, donee ejus ‘multi-
A CDyplex DE proximé excedat A B; sintque
DF = FG=GE =!C. Deme ex AB plus-
juam dimidium AH, & a reliquo HB plusquam
limidium HI, & fic deinceps, donec partes AH,
HI, IB 2qué mult2 fint partibus DF, FG,GB.
Jam liquet FE,qua non minor eft quam } DE,
majorem effe, quim HB, quz minor ‘eft, quim
4 AB—1DE. Paritérqu¢e GE qua non mince

eft quim £ FE, major eft quim IB3 § HB, es-

‘g0 Csvel GEc-IB. QE.D.

.. Idem demonftrabitur, (1ex AB auteratur dj-
midium AH, & ex reliquo H B rurfus dimidium
HI, & itd deinceps. ‘

S Pror.

‘7T
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) : Pror. 1L
v 83 duabus magnitudinibns inaqualibus
' I» propefitis (A’:?CD) detrabatuy fempey
BLle mine ABdemaore CD, alrni qui~
i dam detraltione,tr veliqua minimé pre—
Q| cedemems metiatur 3 incommenfirabiles
evunt ipfe magnitwdines.

Si fieri poteft, fit aliqua E commu~
ais menfura, Quoniam igitur AB de-
trata'ex CD, quoties fieri poteft,re—
linquit aliquam FP fe minorem, &

A 2§ FDex AB relinquit GB, & fic dein
a0 ¢ceps , * tandem relinquetur -aliqua
b byp. ‘GB=1 E. ergd E * meriens AB <, idedq; CF,
¢ 2 ax. 10, & totam CDs 4 eriam reliquam FD metietur,
d 3.ar,10, “Proinde & AG;dergd & rcliquum GB, feipd

minorens Q. B. A.

Pror. IIL
D Duabus magnitudinibss commenfisra-
| bilibus datis, AB, CD, maximam
| eerem communem menfuram FB re-
1 perire. P .
+F Deme AB exCD, & relignum
T ED ex AB, & FB exED, donec
, Tr 4 EBmetiatur ED; (quod tandem £«
2210, TC4 % * quia per Hyp. AB T3 CD) e~
b “rit FB quafita, ‘
o onfir. ’ Nam B » meritur ED, < idéque
d 1, 4z 10, Alc iplim AF; fed & feiplam, 4 ergd
_ -etiam AB, & ¢ propterca CE, 4a-
dedque & totam CD. Proinde FBcommunis
eft menfurajplarum AB, CD. Dic G commu-
nem quog; cffe menfuram, hic majorem; ergd G
metiens AB,& ¢ D ¢ metitur CE, & f reliquam
C2.ax10. ED, ¢ ididque AF, & fproinde reliquam FB,
L3 oaxo 100 mjor minorem, Q'E-'A.

Coroll.

t
|



D . . . W. .
Hinc, magnicudo metiens duas magnicudi-

nes, metitur 8. pwxiswm . ¢arum menfuram
sommunem,

Pror. 1V,

D
= ribus magnitudinibus commenflrabilibus datis
A, B, C; maximam earum menfiram communem
Invenbre. ¢ - . - R
- *Inveni D maximam communem menlutam
duatum quaramcunque A,B, * item E ipfarum
D, & C maximam communem menfutam; ecis
E quafita, .

Nam perfpicunm &ft B metiens D, & Cb b.confr. &
metiritres A, B, C. Puta aliam F bic majo- 3. ax.10.,
rem eafdem metiri, ¢ ergd F metitur Dj ¢ pro- ¢ oy, 3.10.
inde & E, ipforum D, C maximam commue=
nem menfuram , major minorem. Q.E. A,

AEY

a s.10;

S < Cwoll. ¢ -

~ Hinc quoque Magnitudo metiens tres maghi-
tudines, metitur .quoque maximam carum comm-

- munem menfurdm,
Pro2. V.
= — E 3 bites magrindi-

. nes A B inter
[e vationem habest, quim wumerss ad aunerinm
s Inventi C iplarum A, B maxima commun; 3 3. 16,
menfutd ; quoties Cin A, & B, totics 1 conti-
neator in numeris D & E.bergd C. A 21 1.D; b 20.4¢f. 7.

quare il_}vggfé_ A. Ci:D.1. b aryui ctism C,

S a B,
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€ 225,

a fih.10. 6.
b confir.

< byp.

d 22.§.

€ 5. ex.7.
f 20:def7.
§ conflr.

1. dof 10,

A

a6 1o,

a5 10

EVCLIDIS ”Eleﬁ;ﬁam
: 1. E, cergd cxzqt;alx A.B:

N N. Q.E. D e .o
... . . Prow. VL. .
i F. ; Si dusma=
- f',j gritudines A, B
o I > nter fepropor-

tionem habeantsquam numerns C ad mmeitn D

" commen[urabilcs em@mgmtudme: 2,B.

< - Qualis pars eft x numeri C, * ralis fiat B d ip-
fius A. Qx_omam ?mr E. Ab::1.C, atque
A.Bc:: C.D; dex 2quo cmB B::1. D,
ergo quum 1 metiatur numerum D, fetian

- E metitur B. . fed & ipfum A £ metitur, ® ergd

AT B QED.
- Prow.” VII.
A " Incommenfurabiles
Be— mgmmdms A, Bin-

ter_fe propartionemm won babent, qu mmerus nd
WmE e

Dic A. Bi: NU Ny 2 ergo A B,
contra Hyponh, - .

Px or. VIIL ,
A - Si dus mgmmdmes
B— A, Bintey fe proportio-

e i non habeant quam nwmerus ad ngmem, -
commenfurabiles ermnt magmtuabnes o
© puta A T B. 2 ergdé A.B::"N,N,con-

tr®ypoth,

Pror.



e, Libe X. T T 39." |

] Pror. 1X,

K ——=———  Qua i rettislineis longitu-
: PR ~ dine commenfirabilibus fiuk
E 3 ‘ guadrata, inter [z propeitics

.- nem babent; quaw quadimid
numerns ad qurdratuym numernm: & guadyata in-
2er [z proportionem babentia, quam quadratus mume-
vus ad lmdmmn mmerum, & latera babebunt
longitudize commenfirabilisa. Quse vers & viilio
Lineis longitudine incommenfurabilibus fiunt quadya-
ta, inter (e proportionem non babent, quam quadias’
tus numerns ad quadrapum wumeram ;- & quadrata ‘
iater fe prjfmimen{ nop habentia , quam quadratus ",
numerus ad quadcatuns numerum, neqs laterababe-
bunt longitudine commenfurabibia.
“x. Hyp. A, T} B.Dico Aq.Bq :: Q. Q. .
Na;n 1fit A. B ::num. E.num. F. ergd-vla) per. 5. 108 |
A A,. . \ 20. 6.
i?;l 3 bxs.) €= %bls. L g}‘ ¢ crgo Aq-vg lﬂIb.szs. [
"By EqFq:: QQ.Q.BE.D. ' e
'q:.. H;p; Aq. B(%'QE? q:: Q. Q. Dico A ¢ L5
T B Nai Abis (41 ) o= 3 r= g 005
bis. i ergd A. B E.F N N-'QWC.A.E .8
B E. D- 1 ﬁ.b. 23. 6.
- B. QE k6. 10,
v 3. Hyp. A'TLB. Negeele Aq. Bq::Q Q. -
Namdic Aq, Bq:1 Q. Q Ergd A T B, ut
modo oftenfum eft, contra Hypoth, = =
" 4. Hyp. Non Aq.Bq:: Q Q. Dico A ‘11
B. Namputa A T8 jergd AQ. Bq2 Q. Qe -
modd diximus, contra Hypoth, :

¢ Coroll.

" Linez T funt etiam "TJ-; at non contra.Sed
Enez “T0- non funt jdcirco "g-; linex verd "g- -
fant etiam ':B:o . .

BN o S3 ' - PRoRw
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EUCLIDIS Elminingnm
Pror. X, .

Sé quatuor magnitudines propertie~
nales fuerint (C. A 2 B;_-D'%'?ﬂmd
verd C fecunda A fuerit commenfu~
vabilie 3 ¢ tertia B quarte D commen-
furabilis erit, Bt § prima € fecunda
l A fucrit incommenfurabilie, & tertia B.

L4

quarta D incommenfirabilis evit,

Si CTL A, ideo erit C. Az: N,
- . Nbuxp. DbergdBTED.Sin C
M A, ergd cnop erit C. A i N, N B. D,
SquireBel. D, Q. E.D. .o

. LEMMA 1, _

Duos numeros planos invenive , qui proportionems
2o babeant 5 quam quadiatus nigmirns_ad guadras
141 MUIEYUITS .

Huic Lemmati fatisfacient duo quiltbet ny-
meri plani non fimiles , quales funt numeri ha-
bentes proportionem fuperparticularem, vel fu-_
perbipartientem, vel duplam, vel etiam duo quis
vis numeri primi, vid. Schol. 27. 8, -

LEMMA 2. )
TR MO T, 2. | .

-R 3,4,C,3:
r H

Inveive lintam HR , ad quam data vecta linea
KM _fit in ratione daterim numererums B, C.

* Divid¢ KM in partes zquales 2qué multas
unitatibus numeri B. harum tot, quot unitates:
funt in numero C, ® componant re&am HR,
liquet cffe, KM, HR :: B.C. . 2

s e M4 A

Yrvenire lineam D, &d cujus quadraiam desa re-
®e KM quadraiem fis in radione datorum numero-
v B, O, : "~ Fac .

CAB




. Liber X. ' 109
Fac B, C 2:: KM, HR. acinter KM, & a 2.lem. 10

HR b inveni medi oportionalem D. Ert 'O
KMgq. Dy<:: KM ‘::B. C. bt
.Paor, X1, 4 o

A et e B.20, e relfa liv
g — C16 #gﬂmfwni'fe s
— veflas lineas incov=

mrenfivabiles 5 alterom quidem D langitudine tase
" tium , alteram verd Eetiam poteatid,
1. Sume numeros B,C,* itd at non 6t B.C:: a 1 lem. 10
Q. Q. " hitque B, C:: Aq, Dy, cliques AT. o
D. Sed AqéTLDg Q. E. F, o 3t e

2. 4Fac A, E : E. D, Dico AQ'TL Eg. ¢ 9. 10,
Nam A. D ¢:: Ad. Bq. ergdcim AT D d 6. 1o

3 d 13, 6.7

ut prids, £ erit Aq - Eq. QE.F, _ £ o 8.
Pror. XIIL -

- Rue (A, B) eidemn magnisudini C
funt commenfuiabiles , & inter fo funt
\ i commenfurabiles. i

Quia AT C&C B, 2 fit A 23 '
D,18.E, 8, :t:q Clg.‘bl{ll?% bs4 8.
l;l”; ?’ 31‘( ¢ G. ® [umantur tres nu-

LA R0 peri H,LK minimi 5 © @fi.
ABC  inrationibus D ad E, & F ad G. Jam 9@ 22. 5.
QuiaA.Ce:D.BepH. 1, acC.Be 1 F.G® % 1™
¢ LK deritexzquali A. B H, Kt N, -
Nceegé A . B.QE.D, -

" Schel. :

Hinc, omnis reta linea rationali linex "1’: L"' &
commenfurabilis , eft quoque § raticnalis. Et o 6
omnes refte rationales inter & commenfurabi-
les fune, faltem potentii. Item , omne {patium
sationali fpatie cammenfurabile, eft quoque ra~ def. o1
tional¢;, & onnia fpatia rationalia inver f¢ com-

‘S 2 menfara—
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EUCLIDIS Elementorum
enfurabilia funt. Magnitudines verd, ?uai"um

af. 7.8 10, ztera eft ravionalis , altera irrationalis, {funtia=

a by
» rz'._‘xo.

a b
b 13, 10,

a” by,
ng:fs.
€ 17. 5.

A

rer fe incommenfurabile?®

Prer. XIIIL
Si fint due magpitedines A,
g B; & dltera quidems A eidem
C fit commenfurabilis , altera

were B incommenfisrabilis; incommenfirabiles exumt
magnitudines A, B

DicB TL AjergocimC* Q- A, berit €
0. B, contra Hypoth, ~

Pror. XIV.

i [int due magnitadines commenfi-
rabiles A, Bs altera autem ipfarum

bilm fnerit, & religha B cidem C incom-
menfurabilis evit,
Pata BT C,ergd cdm A T3 P,
AB C berjr AT C, contra Hyp.

* Pror. X V.

A §i quaruer velte li-
: ) nee proportionales fue-
D rine ((A.B:: C.D);
— - prima verd A tamtoplus
pofit quim [ecunda B , quantim eft quadratum re-
i linca [l commenfirabilis longitudine: & tertia
C tanto pliis poterit, qim quarta D , quantxm
of quadiatum veiia linea fibi longitudine commen-
Jurabilis, Quod fiprima A 5 tanto plas paffit quim
Secunda B, quantum eft quadvatam velta linee
Pi incommenfurabilis longitudines ¢ tertia C tan-
1o plits paterit,quim quarta D, quantum eft quadra-
tumcelia lines [fibi longitudine incommenfurabilis,
Nam quia A. B 2:: C, D, b erit Aq.rq::

. l , | A mfﬂimﬁ;ﬁ cuipiam C incommen[wra-

e—n—

. €9.Dq. ¢ergd dividendo Aq—Bq, Bq:: Cq—

Dq.



e T
| “Libw X7 a6
Pjy. Dq. 4 quare o/ : Aq—Bq. B :1 o/ CquDg. &' 23. 6.
11.;! einvertendo igitur B, 4/ : AQuBq 1 D.y/ 1 € con 4 5,
Cq—Dq. fergdex zquali A.4/: Aq—Bq:: f 22, 5. .
C.y/:Cq— lgq. proinde f AT, Vel 'TLy/
-£q—Bq, Serit fimiliter €, vel s 6110
Cq—-Dq- Q._E-Do : . o *
~ Prop. XVI.
__ . o Si dua magnitudi--
A C s commenficrabiles
D —— AB, BC componai--
.. tur, & tota magmi- .
tudo AC strigsipfarum AB, BC commenfisrabilis
eritz quid i tota magnitudo AC uni ipfayum AB,
wel BC commenfurabiis fuerit, & qua’ & princi- -
pio-magnitudines AB , BC commenfurabiles erunt.

5. Hyp. *Sit D ipfarum AB, BC communisa 3. 10
menfura. bergd D metitur AT, cergd AC T b 12 av. 1o
AB, & BC. Q.E. D, LD def. 1o

2. “Hyp. * Sit D communis menfura- ipfarum Co
AC, AB; 4 ergd D metitur AC — AB{BC); ¢ 3+ & 1%
¢ proinde AB §- BC. Q. E. D.

-

-

: Coroll.

" Hinc etiam , fi tota magnitudo ex duabus
compofita commenfurabilis fit alteri ipfarum,
cadem & reliqua commienfurabilis erit.

Pror. XVII ' )
———1] Si dus wagnitudines ine
A D B C ommenfurabiles AB:, BEC,

. compenantuy, & tota magni=
tudo AC utrique ipfarum AB, BC incommenfura-

" bl erit : Qupd fi tota magnitudo AC uni iffa-
rum AB-incommenfurabilis [mevit & qua i prin=
cipio magnitudines AB ; BC. incommenfusabiles

bant.. - <
Ss B Hyp,
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5. Hyp..Si fieri potsft, 6is D ipfarum AC,
AB communis menfura, * ergd D metitur

b 1.def 10. ACw AB ( BC). ! &5gd AB - BC, contra

¢ 16, 10,

aror.’
b 28. 6
« 8. 2,

d tm_ﬂr._&
4. 2

Hypoth.

». Hp. Dic AB T§-BC, ¢agd ACTL
AB, contra Hypoth. :

' Corell.

Hinc etiasm, fi tota_magnitudo ex duabus
Sompofita, incommenfurabilis fit alteri ipfa-

rom, eadem & reliquz incommenfurabilis erit,

Pror. XVIIL

Si fuering
dea refle li-
nea innquales
AB , GK;

o ®quale pavals
, . Lelogrammum
ADB «d majortm AB applivetny , deficiens figurd
quadrats, & inpartes AD, DB longitudine com~
menfurabiles spfam dividat , major AB tanto plis
poterit quam miner GK ,* quanturs eft quadratum
velte linew FD fibi lomgitudine commenfirabills :
Ruid i major AB tanto plus poffit, quams miner
GK, guantum et quadratum velta linea FD fibi
bongitndine commenfurabilis ; quarte autem parti
quadrati , qued fit a minors GK, equale pavallé-
logrammum ADB ed majerem AB applicetnr,
deficiens figuri quadyatd, inpartes AD, DB loz-
Litudine commenfurabiles ipfam dividet. .
3 Bifeca GK in H; & © facreang. ADR =
GHq: abfcinde AF = DB. Eftque ABy c=
¢ ADB ¢ (4 GHgq, vel HKq) + FDy. Jam
o primd

?



Liber X.. o3
Prim(‘),Si ADTL Dp,erit AF“'EL DBe T3 e 15. 10
2 DB € (AF_+ DB, vl AB_ED) sergs £ confir. g
AB TLFD. Q E.D. Sin fecunds, ABTL f {10 0
FD, terinided ABTL AB—FD (2DB) k 12 10.
x ergd ABT- DB. !quare AD T Dg. ! 16 1o

E.D. .
< Pror. XIX.

E

$i futvint )

;{lm reffe
ince  ina~
guales, Ap,’
‘ GK, quirtz
oA . autem par-
- B 6 quadva:i
F < "D quod fit e

G P K minoie GK,
: ,ﬂ aguale pai-

A

. allelogram-

wum ADB ad majorem AB applicetur deficiens fi-
gwrd quadratd 5 & in pavtes incommenfurabiles
longitudine AD, DB, ipfan A3 divida ; wasr
A tanto plus paterit, quiam minor GK, quantum’
eft quadiatum recia lince Y1, (1bi longs!adine ir-
commenfirabilis : Ruid fi major AV sante plis.

it, gkim minor GK, quantum ([t quadiitum c-
a linva FD [l Lagitudine wncommenfurabilisy
quaite autem parts cuadraty, quod fit a minsre
GK, aquale pavalelrgransmum A DB ad maorem
AB ajplicetur, deficiens figura quidratd 5 in partes
longitudine incommenfurabiles AD, DB ipfam AB.
divide&t. x ;l'& . B

Falta puta, icta eadem , que in prxce-
denti. Ttaqs primd, Si AD T DB, ? erir pro- : :7; ::
prerea ABTL DB;s % quare AB & = DB 7
(AB— FD) ‘egdAg'm FD. QE-D. ..

Secundd , Si AB T f®; <agd AR Ty 13, 10,
AB —FD (2DB); dquare ABTTLDB, & . 5. 1-.
a proinde ADT-DB. QE.D.  Puor.
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Pror. XX, .-

A uod [ub rations—~

B Uibus longtiudine com—
menfirabilibus reftisli—

. 3 mkf BC, CD’ﬁ‘“’P
- | dAmaligaem predito—

: vim modeorwm, contine—

wum BDy,,

a . twr reffang
c ’ D mimdf:ﬁ
2 46 1. Exponatur A, . 8* defcribatur BE quadra—
16 fumex BC. Quoniam DC.CE (BC )b ::
:'ﬂ{'m_ . BD. BE. & DC ¢« BC; ¢ crit relang,
¢ byp. & 9. BD Tlquad.BE. ergd quum quad. BE “1F3-Aqz.
,‘E‘J:;j“‘ £erit BD "Wl Aq. proindg re@ang. BD cft gr.
"™ QED. ‘ o

Not. Tria funt genera linearuni vasdonalism iz-

ser (¢ commenfurabilium. Aut enim dwzrum linca-

vum vationalin longitudine inter [¢ commenfirabi-

Linwm altera mqualis ¢ff expafita vationali, aut nentra”
wationali expofita equalis eit, longitudine tamen e .

wivaque oft commen(irabilis ; aut denique wivague

expefiia rationali commenfirabilis eft folum poten~-

i, Hi funt modi illi, quos iunuit prefens theo--

vema..
In numeris, it BC,4/8 (24/2) & CD,/18
€34 2), it re&ang.VBDg::[/ 124 = xz:/
 Prop. XXI. .
) - - F Si rationdle DB.
j o 3 | 4 rationdlem DC
1 applicetur , latitudi~
- neme CB efficit va-
tionalem, & e DC,

\ A C G quun applicatnm
' oft DB, longitsdine conmenfurabilem.
TR Exponatur G, §. & defcribatur DA: quadras<

B.}:vh'-‘x 2. 10, tuprex BC. quonim BD. DA *:: BC.CA;,
dae,  arque BD.DA bfune fa, ©idebque T34 eoir
o : BC



L X,
BC T CA. 2t CPP(CA ) Yolt /. ¢ ergd BC ¢ fob. 12,10,
eft5. QE.D. -

In numeris, fit tetang, DB, 12; & DC, V8.
gri;CB, v i8atquin/ 18 =34/ 2.& /8=1 -
LPVEN '

LEMMA.

A Duas veclas vationdles po-
g T temtid folim commenfurabiles
: invenire.
. Sit A expofitaj.* Sume B T A & CTLB.a 1110,
bliquet B, & C effe quafitas, b fibsae.
Pror. XXII. s
 Ruod [sb ratio-
F sdipws DC, CB -~ -~ - |
Et‘ l A\ porentid folim com B
- ) menfurabilibus veétis
Al G L lness continetur ve- ~

L C B Elangulum DB, ire .
wationdle ¢ft; & vedbe linea XL pfim potens, irvatiom
aalisy vosetur autem Media.

Sit G expefita §, & defcribatur DA quadra~
tum ex DC; sitque Hg=DB. Quoniam AC,
CBa:: DA, DB. *atque AC'T.CB, ¢ erit: ; &
DA ‘T-DB (Hq). 4aqui Gq - DA. cer- ,2',, -
go Hy T3 Gq. fergd Heft 5, QE.D. vo-d bpy. & 9.
cetur autem Media, quia AC.H :: H.CB. ‘:{';_o'] 0.
 Tn mumeris, it DC, 3; & CB,4/ 6. erit re~ £ ;. 10,
&angulym DB (Hq) &/ 54.quare H eft /54,
- Mediz nota_eft u; Medii vera wr; plurali-
e uwa. oL
’ SCHOL.

Omne re@tangulum , quod poteft contineri
fub duabus redtis rationalibus potentii folim.
€ommenfurabilibus, eft Medium; quamvis con- .
sincatur fub duabus- re@is irrationalipusy arque~ ~ ..
“ - g . dmne:
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) omne Medium'poteft contigeri fub dusbus re&is
rationalibus potentii tantim commen(urabili~
bus. ur exemp.gr. 4/ 24 cft ur. quia continerur
fub o/ 3, & 4/ 8, qui (une , .. et poflit con-
tineri fub vy 6, & 14/ 96 irrationalibus, nam
W 24 =uy 576 =vy/ 6 inuy/ 96.

Pror. XXIII .

: Qwed (BD)
P-—A———- 2 media A fit, ad
Q' vationdem B C
. applicatnm, lali-

tudinem CD ra~
Z’gmlem efficiz ,,
——eememeel & 6 BC, ad
B . CE F quam applicatwm
eft BD, lawitadine incymmenfurabilem.
a gb-2210. © Quoniam A eft u,? erit Aq re@anguls ali-
bas%l i (EG) xquale, contento fub EF, & FG.
a6 T bergd BD=EG.< quare BC. EF :: FG.
chyp. - CD.dergo BCq.EFq:: FGq. CDy.fed BCq,
%j;‘: x,zo'.m' & EFq.* funt pe.f idedque T8 ergo FGq 1.

fib.12.10. CDY. Ergd quum FG fits, Merit CD g, Por. -

k 1. 6. 1'6 ’ q“ia EF. FG k/;: EFq. EG ( BD) s Ob
:n‘;cbl:;.u. EF Lq'FG" erit BFq'T3- BD, verim EFq
n 13.10, ™ T CDY * ergd re@ang. BD 11 CDq.
o 1.6 quum jgitur CDq. BD ¢ :: CD.BC. rerit CD
P le-10 g BC. ergd, &e.

' Pror. XXIV.

C Medie A
> . commcn(irabilia .
. : A B,_::ldiae .

C I3
am & B 3 fac re&at,ng{
- CE=Ac;' &

F D g redang. CF=z
b : . Bq. Qaioniam
j e AQ(CE) ot w, 2 & CDY, <eric Biitudo

DE -




1>): 8] CD. .quoniam vertd CE.CFd::d 1. &
ED. ‘i);g'& CB 1. CF,ferit EDTLDF, ¢ :n-

s ergd D et 5 “TL CD. bergd re@ang. CF p 3, &3
“(B3) eftwy, & proinde Beftu. Q. B. D, 1o -

Nota qub’d Jignum T} plerumque valcs poten- b 13, ze,

i tanmtim commen/urabile, ut in bac demonfivatio-

ne, & in praced. &rc. quod intelige , ut ex ufi

erity € juxtA citationes.

Coroll.

. Hinc liquet fpatium medio fpatio commenfit
rabile medium effe.

LEMMA.
: Dusas veltas medins Ay -
% B longitudine commenfura-
biles ; it_cm duas A, C po-
tentid tantiim commenfurabiles invenire, 2 lem.a1,v0;
3Sit A quavis;fume B A; ‘& CA. & 156

4 Factum cffo liquet, ?o.z. lem.10,

Pror. XXV. :03 ""-_ to,

: wod fub DC, CB me= 4 conflr.

D __E dh;:%ngit{dim commenfira- & 24- 1%

bilibis veétis Lineis continesssr

rectamguivm D By wedinm -
e
x - Super DC conftruatur

quadratum DA, Quonjam 2 1. 6.

AC.(DC)CB2-:DA.DB& DCTI.CB; b o 1

24, 1

bait DA T-DB, ¢ergd DB eft wr. Q.E.B. € _

A

——

Ty Pror
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n 46 1d
b 11 & 12.6.

€ byp8& 24,

10,

d 23. 10,

€ 10.30.

£ 20. 10,
[ib. 22, 6.

% . 6.
17. 6.

1 12, vo.

m 20. 10.

m 33,10,

a by &
6. ko,

b 1.6,
€ byp.

d 10.70,
< W 30,

EUCLIDIS Elewentirnm
o Pror. XXVE -

E F I W
‘5 o,

A G HKM
" Buod [ub mediis potentid tantim commenfire-
bilibus veltis lineis AB, BC continetwr rvellangi-
iwm AC, vel rationale eft, vel medium. -

Super re&tas AB, BC ? defcribe quadrata AD;

'CE,; atque ad FG j, b fac reGanguls FH=

AD,b & IK=AC, ¥ & LM=CE.

Quadrata AD, CE, hoc ¢ft reétangula FH,.
LM < flunt ua, & T3 ergd candem habentes
racionem GH, KM func 4§, & ¢ TL. fergd -
GHxKM cft jv. atqui quia AD, AC, CE,
hoc eft FH, 1K, LM g{unt &-; & bproinde
GH, HK, KM &iam -, kerit HKq=GHx
KM ;lergd HK eft §; vel T, vel - TH
( GF ) i T, = crgd re@ang, 1K, vel AC
eft fr. Sin T}, = ergd AC cft wr. Q.E. D..

LEMMA. '
. L

- : i E E fint
! A ) { rmttim;—g’
" Evmnt primd, AQ, EQ, Aq+Eq, AqEq'TL
Erunt fecundo, AG,EQ, Aq+Eq, AqEqTL
AE,& 2 B, NamA.Eb:: Aq. AE®:: Af,
Eq. ergd cim A < T E derit Aq T AE &
2 AB.ittm Eq4' 0L E,* & 2 £, quardcim:
Aq_,gqfﬁ_-A 1% Eg & Ag—EqTL A&

Bgy
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E Liber X. " des
Eq;\ 1'3 erunt Aq+Eq, f & AqQ—Eq'Tl. AE, & f 14.10.

2 .

" Hing erunt-tertid, Aq, Eq, Aq+-Eq,Aq—E4

2 28T AqrBqp2 &, &qu_:lgq;,; e b
$&Aq+ Eq+ 2 AE'T}. Aq -+ Eg—2 B. "'
K(QA-E) £9=24

Pror. XXVIL - .
C - B Mediam AB xon

| Y fuperat medium AC

' rationali DB. .
v KD Y Ad EF§, 2fac & e 16,4,
[+

EG=AB,*&EH

=AC. Rc&an-
‘ gﬁh 331’5}‘{9(“ b by
ctE unt 3

L G pety € e:gé FG, & ¢ 33. 10,

) ' FH {unt ﬁ“g_m:, . _
jraque i KG,did eft DB it jv. ¢ erit HG TL- d 23; ‘f;h
HK; f quare HG-'g_FH. ¢ ergd FGq'T3-FHq. - I 1o
fed FH cR §. bergs FG eff . verum prids g lem.26 10
erat FG p. Qui repugnant. b fih.13.10,

*° SCHOL.
. 1, Rationale AB fuperar

“F B R yienale ADmiomli}(’:E.a -
. Nam AB *TLAD WATATS
Yergd AETI.CE. ¢ quare © Jd. 13.10,
A C CB cft jv. QE.D. o

' 2. Ragionale AD cuin ras
E D E tiomali CF¥ facit rationale

Remo7.2..

AE. a fib. 1310,
Nam AD **TL. CF3 b 16. 10,
L b quare AF L AD,.& € fih1aro
B C CF, ¢ proinde AF cft jr,
Q:E.D. .

T 3. Pror.
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. ) Pror. XXVIIL
- Medias igvenive ( C, & D ), que
.. vationale CD contimeant. .
N lem.agte. ‘ *Sume A, &B; G-t fac A.C::
b»l:;"c' C.B. *atque A.B::C.D. Dico
d 32 10, faGum. Nam AB ('Cq) deft wp;
¢ cnft, dunde C efk u. quumverd A.Be ::
f 10 10, C. D, f erit CTJ.D.'ergd D eft 1,
§ 4. 10 A CD Porropermutando A, C :: B. D.¢hoc

b az.é. et C.B::B.D, bergd Bq=CD.
h fib.12.10. grqui Bqeeft jy. Bergd CDeft fr. Q.E.F.
' In numeris, fit A, 4/ 2; & B, 4/ 6. ergo C,eft
vy 12 facy/ 2.4/ 6 o/ 12. Do vel uy/ 4w/
36 ::vy/ 12 D, erit D, &4/ 108. atquivy/ x2in
vy 108 = 14/ 1396=4/ 36.=6. erg0 CD, eft 6.

item C. D :: 1.4/ 3. quare CTF-D.

Pror. XXIX.
Medias invenive potentid tantim
osmmenfirabiles D,&r E, qus medi~
. um DE contineant. :
*Sume A,B,C § 1} Fac AD
D, B.¢&B.C :: P. E. Dico
- faGum. o )
Nam AB4=Dq& ABceft 1}
fmﬁf;o A y cgd Defty. & By C,serg0
';:_ 10, : D-g.E. 4 ergd E eit g porro,
k cnr.e B.C 2D, B, & permutando B.D:: C.E
a5 khoc e D.A:: C.B.lergd DE=AC. Sed
‘m 33.6, AC=clw. ergd DE ¢ft v, Q.E.D. .
In numeris, (it A,20; & B4/ 200,& C,4/ $0-
Ergd D, eft 4/4/80000; & E w4/ 1:800. Er-
89 DE == 4/3/ '10240000c0 = 4/3 2020, & D.B
314/ 10, 2, quare ?1Q.E, :

€ 13, 6,
d 17. 6.
e 32,10,

b 13, 6 \
|

) e ettt

Schol,



Lir X0 313
- SCHOL.
Ay 6 C,130  Invewire dws swmers i
B, 4. D8 wosfimiles vel diffimiles, :
AB,34. CDs. Sume quofcunque quatu<
' *" or numeros proportionales,
A6 C,5. A.B:C.D. liquer AB, &

B,4. D,8. CD cflefimiles planos. Sin
AB.23. CD,50, lateraiplorum AB, CD nom

roporvionalia accipias,esunt
AB, CD numeri pgan‘i,_diﬁimﬂes. pun
R LEMMA.
N E
AL
F Pp B

. Yo Duas mumerss quadrates ( DEq, & CDq )
Suvemive, itk wt compefitus ex Wfis ( CEq) quse
dratus etiam fit. . :
#Sume AD, DB numeros planos fimiles(quo-
rum ambo pares fint, vel impares ) nimi-
rum AD, 34, & DB, 6. Horum fumma, (AB
ek 30; differentia (FD) 18, cujus femiflis :
(CD ) eft 9. * Habent verd plani imiles AD, 2 18. &,
DB unum medium numeérum proportiopalem,
nempe DE. patet igitar fingulos numeros CE, _
CD, DE rationaleseffe; proinde CEq (*CDq b 4. 1.
«+ DEq ) eft numerus quadratus requifitus,
Faile itaque invenientur duo numeri quadra-
ti, quorum exceffus fit quadratus, vel non qua-
®dratus numerus, aempe ex eadem conftru@ione,
¢ erit CEQuCDq=DEq. .
AD, DB fint numeri ploni diffimi-
T4 . les,

C 3.1,
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ks, non erit media _proportionalis ( DE ) nu=
merus rationalis , proinde quadratorum CEgq,
CDq excefius ( DEq ) non erit aunjerus fuas
dratus, - : . o

IR LEMMA. 2

N 3. Dus semevos quadrates B, C indenive, iti
#t compofitus ex ipfis D, non [it quadvatus. Gtem
guadratwm memerum A. dividere in duos numerss
B, C non quadrates. :

‘ A, 3. B,9. C,36. D,45.
1. Sume numerum quemliber quadratum B,
sitq; €=4 B; & D=BC. Dico fa&um.
Nam Beft Q. -ex »conﬁr.‘,iicm quia B.C::
a3 8 1 4:Q.Q. *erit C etiam quidratus, Sed quo-
b wr.348 piam B+Cy(D ) C:: 5. 4::n60 QQ.*non
erit D _nun(_xtms quadratus, Q.E.F.

A,36. B 24 Csiz2, -D,3.-B,2. F,1.
2. Sit A sumerus dquivis quadratus. Accipe
D, 5, F numeros planos diffimiles, sirque
D=E..F. fac D.E:: A.B. & D.F:: A.C,
Dico faQum, ® :
~ “Nam quis D.E+F :: A.B+C.& D=B_.F,
& 14 8. erit A=B+C. Jam dic B quadramm effe.
b 35 def.7. bergd A & B; & ¢proinde D & E funt nu-
€268 ° meri plani fimiles, contra Hypoth. idem ab-
- ¢ ¢ fardum fequetur, i C dicatur quadratus, er-
89, &¢, T

Prop. .
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Pror. XXX,
Tavegire duas ratie
. & onales AB, AF poten-

, tid tantum commenfura-
( _~ \3 biles, iti w major AB
A B plas poffity quam minor
» i AF, qualiatorelle linea
C..iEB .. D BF lonsitudine fibi com-
. menfurabilis.

Exponatur AB, 7. 2 Sume CD, CE numeros-y
quadratos, itiut CD . C'E (ED) fitnon Q. ro.
® Fiatque €CD. ED :: Agq. AFq. In circulo™d 3. lem.10.
fuper AB diametrum defcripro © apterur AF; o
ducattirqs BF. Sunt AB, A¥, quas petis, ¢4

Nam ABq. AFq 4:: CD. ED. ¢ergd ABq 4 conlr.
I3 AFq. verim AB cft /. £ ergd AF eft 5. fed ¢ 6. 10,
quia CDcft Q: at ED non Q: 8eric AR *1q. £ /eb 12.10;
AF, porrd, ob ang. hrefum AFJ, eft ABq E ;,';
k— AFq —+ BFq; cum igitug ABY. AFq:k 47.
CD. ED. per converfionem rationis erit ABq. 1 9. 10
BFq::CD.CE:QQlergd AB T EF.Q.E.F.

" In numeris; fit AB, 6, CD, 9; CE, 4; quare
ED, 5. Facg. 5:: 36. (Q 6) AFq.erit AFq
10, proinde AF 4/ 20. ergo BFq=36 — 20
16. quare BF eft 4.
Pror. XXXI.

Lrvenive dwae vae
tionales AB, AF po-
E  tonid tantim com-
menfirabiles , ith at
major AB plus pafit,
A B gquumisinor AF qu-
CunenEo D  ditoiciielinee BE
[ebi Langirudine incom=-

wcnfir b,

Exponater AD, 7.2 zccipe numeros CE, ED a 2. lem 29.
quadratos, itd ut CD = CL 4 ED ficnon Q, o
& in reliquis imitare conftruttionem praciden
tis, Djco factum. Namn,

Jdem. 29,




g

6 7. 10

“' I3°- 10, .
b 13.5.
c 12§,
d conftr,
e 23 10,
fy.6
10, 10,
24,10,

k 17.6.
1 15. 10,

EVCLID IS Elewentornn

. Nam, ut ibi, AB, AF fant p;g_ item ABqq
BEq :: CD. ED. ergd ciim CD fit non Q¢ -
'erumAB BF"E;. B.F. |

In numeris, Gt AB,; CD, 45.CE=136;
ED=9. Fac 45. 9 :: 35 (AB]). 5 (AFq).
ergd AF =4/5s. pxomdc Fq = 45.._ 25 =
20. quare BF =4/ 0.

Pror. XXXII.

~——— _ Igvemire duas medias

o tg .. C, D patentid tantim

i

camenfumbdex > - gue
: vationale CD  contine-
ant , its wt maer C pliis poffie, quim minor D,
qwdmv vefia linca fibi longitudine commenfisear

'P

l * . iAccxpcA &Bp'g.,ui utJAq—Bq'tL

A. b Fiitque A.C:: C. B, ‘atque A B:C,
n; Dico faGum. )

Nam quiz A, &‘Bfuntp‘g.,‘entC(f‘/
AB) w. item 8ided C 1D , bergd D etiam
p.porrbquxaA Bi:;;C.D; & eemutatim A.
C: D : C, B,,&Bqd et CD
k(_nq) r.. Demque quia Aq—-Bq“q.
A,lerityf Cq—Dq T3 C. ergd, 8&c. Sing¢f
Aq—Eq “3- Ag, erity/ €q - D3 - C.

In numeris, fis A, 8; B, 4/ 48 (4 : 64 —16)
ergd C =4/ AB =/ 3073. & D=uy/ 1728,
quare CD =y 5308416 =4 2304.

Pror. XXXIIL.
* Invenive duas medins

A

;’ D, E poentia folnm com-

C o mcnfumbtlcr, que medium

E ——— DE contineant, ita ut ma- ..

for D plas pa[ﬁt 5 quam

minor B » quadiato vecTe lings b longitudine com=
menfirabilis,
: s ¢ Sume

~
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S Sume A& Cp',‘g. iduwy/ A ~Cq'11., 30. 10,
A.blomcetiam B T A, & C; & fac A. De ;3 b lem. a1,
D.B4:: C.E.Erunt D, & E quefite, ::0;;. 6.
" Nam quonism A, & C ‘(f:;“ b *&BTyd u.ﬁ&.
A, &C,feric g &D AB) Serjp 7 © comfir. -
t'él_xiz' verd A, D:f C. E.erit Pﬂ'm)"ﬂﬂdo K.J,'fj;‘f' ol
C::D.E.ergdchm A G- C, berit DgLER 10010,
X ergd B eft . porrd, 1quia D, B:: C. E; 1& k 24109
BC c@ s, etiam DE ¢i = zquale eft s, deniqy 110
proper A, C :: D, E. *quia o/ Aq -Cqm, .-
4, ®crit  Dq_ Bq3 D, ergd, & Sipy vo
Aq—Cq QA erity Dg —BqTL- Eq,.
In numeris, fic A, 8; C,4/48; B, o 28, erie
Duy/ 3072, & E vy 588, quate D, K :: 2.4/3.
& DE ==/ 1348. P’ -
Pror. XXXIV,
: Invenive duas ye~
&las lineas AF, BE
1 Poensii incommen-
A\ Surabilgs, ;lm faci=

ant compofitum qui-

, dem ex ipf atum qua-
ClA , E B dris yasionale; re-
Cangulum verd [ub ipffs contentum, medium.

a %{epcri:mtur AB,CD; "g.;ith uty/ ABg. 2 31 o, .

CDq T AB. *bifecaCD jh G. < fac reang. b 1o, 1,

AEB = GCq. Super AB diametrum duc {e\; 13'-65-
micirculum AFB. erigs perpendicularem EF. § &7 t.6.%
duc AF , BF. Hz funt quz indagandz erant, 5,5, -

Nam AE. Bg d ”gA x AE. EB X BE{ Scsl ; 7:95-",
‘BAx AE¢=AFQ;°X AB x DE = FBq.fergo £ 19. 1o, .
2E.EB 2 AFQ. FBq. ergd cim AB s ' L‘ R
EB, b erit AFq L FB3. Quinetiam ABg l47. l{.} )

*®AFq «+ FBq) 'cl gr. denique FFq !z | conftr)
gEB "?:: CGa. “'?:rg(‘) EF=CG.crgd CDx % pri
AB= 2 EF x AB. atqui CDxAB “eftur. o 2. 10, -
0erg0 ABXEFpvel AFx K eft pr. Q E. D, p fib. 326,
h : ' Explicatio
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. Explicatia per numeros.
. St AB,6. CD, 4/ 12,quare CG =4/ 1§ =
v 3 Eftvertd AE=3 +4/6. REB=3—
v 6.& unde AF erit/ : 18 + 216. Et FB,y/:
87 4/ 216. item AFq «+ FBq eft 36, &
AF x FB =/ 108, )

Czterim AE invenitur fic. Quia BA (¢ 6).

AF:: AF. AE; &ri: 6 AE = AFq = AEq |
~+ 3 (EFq) ergd 6 AE— AEq = 3: po=
pe 3+ €= AE. erg618 4 6c—9..~6¢
- €, hoc eft 9 "ce=3. velee = 6, quare.
e=4/ 6. proinde AE==3 +- 4/ 6. . )

Pror. XXXV.

F, e
C:IA 5B

Invenive duas veltas lineas AE, EB potentid ine
commenfirabiless que faciant compofitum quidem ex
apfirum quadiatis, medinm, reltangulum verd [ub

: 3pfis contentum, rationale, '

a 32103 2 Sume AB, & CF p"T],itd ut AB x CF
: fir ‘pr,atque o/ ABq — CFq ‘T AB. &reli-
' qua fiant, ut in precedenti, erunt AE, EB quas

. petis,

. ¢ Nam, ut ifthic oftenfum eft, AEq'T}- EBq:.

g S g )
¢ Sleomfirs X eft‘py, “idcirco &
< fhal.isnedhac et AE E B, eﬁ"’pr. ergd &C’AB x DE,

4 fehot.22.6,

¢ Pror.
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_Prep, XXXVL
. Invenive die
A as reClas line=
as BA; AC
potextii inxcom
16) men(urabiles 3
I , qua faciant &
. ~ . [ compofitum ex
. B D C ifoum gur
dyatis medium; & re@angulum [ub ipfls compre-
benfum mediwm, incommenfurabileque compefito ex
ipfarum quadratis.
3 Accipe BC & EF [ s itdut BC x EF fit 3 33, 10,
pr, & o/ Bcq—BF q'T3 8C. & reliqua fianr,
ut in precedentibus, Erunt BA, AC exoptata,
Nam, ut prids, BAq'J. ACq; item BAq —+
ACqeft ur. & BAx AC eft ur. Denique BC
b EF,arque ¢ ided BC ‘T3 EG; éft3; BC. g ;0;0*;;
EG4i:BCq. BCxEG, (BCxAD,vlBAd r.s.
x AC). cergé BCq (BAG + ACQ) ‘T ¢ tta
BA x AC. ergo &, -

® SCbo.’- N -
F| l
G;—.
el B p ¢ H

Irvénive duas medias lomgitudine, < potentis in~
commenfurabiles, ‘ . ]
* Sume BC u. sitque BAXAC w3 & 11 2 36. 12,
BCq(BAq -+ AC3).? Fac BA.H :: H.b 136,
. AC. Sont EC, & H iNamBC eftpe
3 & BAXAC ( <Hq) eft wy. quare H et ctiam ¢ 15.6.;
' A =



—- e . .

T re—y

218 EUCLIDIS Elmentirow
o 1410, pt!dltem Bax AC"E-BC‘], Ql'gqu"ﬂ.
BCq. ergo &c. . -

" Principinm [enariornm per com}mf mnc.

Propr. X XXv]I
Si due ratios
A § C  nates AB, ¥C
Potentii tantim
commenfurabiles compenanticy, tota - AC irvationalis
efts vocetur aktem ex binis nominibus.
Nam quia AB 2“T- BC, berit ACq 28

b';{;.a&.u ABq. SCdAB‘cﬁp cergd ACeft 5. Q_ED.

© pdde. Pror. XXXVIIL
'8 due media, AB,
’ - BC potentii . tmum
A B € commenfurabiles compoy

naniny, que sationale contineant, tora AC irvatio=
bis efts vocetur antem ex binss mediis prima.
2 by, Nam quomam AB? "E;.BC, *erit ACqTE
b lem.26.10. AB x BC, pr. cergd ACeft j. Q. E. D,

€ 11.def 100

LEMMA. .

' “od fub

B L C linea .zmtmmh

: AB, & irratio-
rali BC conti=
netwr reClangu-
AL O lum AC, irra-
: lionale cji
R byp. Nam fi rc&ang AC dicatur fssquum A 2
banie,  gop ; beritlatitudo BC etiam p. contra Hyp,

..Prop.
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Pror. XXXIX,
' 8idua medie

A— B C AB, BCpoen
D . . H tid tantim com-
1 . menfurabiles co -
ponantur , qua
medium continc-
antytota AC ire
rationalis cyit § -
VOCeLtyr autem ex
binis mediss fe-

cunda. .

* Ad expofitam DE, f*fac re@ang. DF =1 . 16, 4,
ACgq;® & DG =, ABq—+ BCq, b 4y, &

Quonjam ABq¢ . BCq, 9 erit ABQ_+ :li" *
BCq, hec et DG TL Ang; fed ABg <eftpy. § 7,
tergo DG eft up. yerdim re&ané. ABC poni- ¢ 24,10,
tur ues ¢ idedque 2 ABC (FHEF) eft pryger- £ 4. 2.
g0 EG,& GF funt §, quiaverd DG HF; § 731 o
arque DG. HF : : e gG. GF lerit EG YLk 1. 6.
GF. mergotota EF eft p. ® quare reQang. DF 1 t0. 10,
eft jy. ¢ ergd o/ DF,idcR AC,eft j. Q.E.D, ™ 3719

n lem 38 10

Pror. XL (O ndfre.
. A Si dlﬁgz&c lingz
v B teals
A ] B c tanz:zm camm'rnfnra-
biles componantur, “que faciant compofitum quidem
ex ipfarum quadratis yationale, quod autem [ubipfis
continetny, mediums tolavelta linea AC, irrations-
Uis crit : vecetur autem major. :
Nim quiz ABq+ BCq * eftjr, &2} bo-
- ABC € e, & proinde ACq(4 ABy+ BCq + ¢ hyp. & 27,
2 ABC ) ¢TI ABg.+ BCqfy, f erit AC}. 1.
Q E. D, . d 4 3.

¢ 17,10,

Va Tro®.f 11.def 10,
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. - -Prop: XL1.
, ’ Si duayes
A—————t——B felinee AT,
C CB  ptoiemiii

7ntommenfurabiles componanturs qua faciant compo-
fiium quidem ex ipfarum quadvatis medsum, quod
autem [ub ipfis contisetuy, vationale; tota velta lnea
. A Birrationalis evits vocelur auttm vationale ac me-
diism potens. - f
abp & Nam 2 reQang. ACB, * iv* ‘T ACq
xl:',.’f';z hie, CBQ © py. d érgg 2 ACD 4T ABq. quare
<oy <ABelf, QE.D.
- d 17,10,

& 1i.defito. _ ‘Prop, X_L-I'I.’ v

E

G H K
A K

Si due recta line2 GH, HK potentii intoms

menfiabiles componantur, quefaciant® compufi- .

tum ex ipfavim quadratis medinmy & quod fub ipfis

contiretur medium, incommenfurabiléqs compofito ex

quadratis ipfavum ; twta vefta linea GK ivvatiomalis

evit = wocetiuy autem bina media poiens.
Ad expofitamF B f,fiant re@ang. AF = GKq,

a by & CF = GHq —+ HKg. Quoniam GHq .
B 7318 HKq (CF) et ; latiudo CBberitf. Irem
a 2.6, quia aretang. GHK (< AD) 2eftuy, etiam
¢ 1o.10.  ACP! etit 5. Porrd quia reftang AD * “O- CF,
A . {amglie AD. CF : : AC, CBterit AC'TI- CB.
R 1110, f Quare ABcft 85, ergd’retang. AF, id eft,

GKqeft pr. » proinde GK eft . Q. E. D.
Prer.
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Pror. XLIIL

AC FEDB
Qua ex binis nominibys AB ad unum duntazat
‘panctum D dividitur in nsmina AD, DB,

. Si fieri poteft, binomium AB alibiin B fece-
tur in alia nomina AE, EB. Liquet AB fecui
utrobique inequaliter, quia AD T D3, &
AE T EB.

Quoniam reGangula ADR, AEB 2 funt ua;
* & lingula ADg, DBq, AEq, EDq (unt ja3®a-
dedque ADg+ DB, ® & AEqQ— EBq etiam
fa,® idcirco' ADq —+ DB —: AEq —+ EBq.-
¢hoceft,» AEB—~2ADBeftjy. ser3o AEBe fib. 5. 3.
— ADB ‘pr.ergo ur fuperat urper pr. ¢ QE.A, d fih. 12 10

¢ 37.10v
Pror. XL1V, -

a 37.10
b fib 37.10.

N¢C TEEDSB

Qa2 ex binis mediis prims A B &8 ¥rum dupta~
xat pwsdtum D dividitur in nomina AD, DB,

Puta AB dividi in alia somina AB, EB. quo
pofito, fingula ADq, DRq,EBq, * funt pe; *& a 3800, °
r¢ftangula ADB, ABB, eordmgue dupla, funt ¢ fis.27 so.
‘¢a. Dergd 3 AEB — 3 A DB, choc eft ADq d feb- 5 2
<+ DEqQ—: AEy-+ EBqeft pr..d Q E. A 9777

S - "v‘ 3- i ROP.
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Pror.. XL V. o
A—1 1B S
E ", g ad”uﬁ;: duntfx%

: . punitum C divi-

: ditur in nomina
AC,CB.

F Dic alia effe no-

F . G mina AD, DB.
}roﬁtam EF ¢ fac veftang. EG = ABq.
ACq + CBg; ittm EK = ADq

_+DBq
a.39. 10, @Oﬂlam ACq, CBq funt[m‘u.., bel'lt
" 16, &34 ACq -+ CBq ( EH) ur. ©ergo latitudo FH
eft p. 2 quin & re@ang. ACB,d ide6q;.3 ACB
*(1G ) eft py: <ergo HG, eff etiam . Gim

z;, To.
2410,
4.2 jgiwwr EHf TLIG, fatque EH. 1G: : FH.

<

d

(3

f lem. 36.10. HG; b erunt FH, HG ‘.. kergo FGeft bino=

h 1o. ,o mium; cujus nomina FH, HG. Simili argu-

bk 37.10. mento FG efl bin, cujus nomina EK., KG,
contra 43. hujus ‘

P&or. XLVL

o\

AC " EDB

Major AB ad unum duntazxat p:m&m D divi-

ditwr in nomina AD, DB.
pde.xe. Concipe alia nomina AE, EB. quo pofito re-
c"ﬁz:’:;“ Qangula ADB, AEB ‘141 1 & tam ADq .
437, 10 DBq,quim AEq ~ EBqfunt pa. b ergd ADq
— DBq—.Alq_p BBq, ¢ hoc gﬁ, 3-AEB
2 ADBet or, {Q.F. N Prop,
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Pror. XLVIL

- ' Rationale ac
: O e medium posens:
A F E b B AB, adunm

duntarat punitum D dividitur in nomina AD,DB

., Dicalia nomina AE, EB. *esgdtam AEq a 41. 10,
-+ EB?; quinyANq 4 DBq (e pe. * & re-
Qangula AEB, ADB, funt ‘e, bergd 2 AEB b £ih:37.50.

— 2 ADB, ¢ hoceft, ADq+ DBq: — AEqQ —+ § 20 52

EBqeftpr. Q. E. A. d.27. 100
Pror. XLVIIL
pDC - e
—_— Bina “media ps-
E A L B tens AB ad winn

ditntaxat puziiam
C dividitay in no+
wiva AC, CB.

Vis AB dividi in
- alia noming A'D,

: K'H G DB Ad expofi-
tam EF-"p, fiant retang. EG = ABq,& EH =
ACq— CBq, & EK = ADq — DBq. Quo- -
niam ACq —+ CBq, nempe EH 2 eft up, ® €rit 2 42. 10.-
latitudo FH p. Iiem quia 2 ACB, ¢ hoc eft, b 23.10."
I1G;eft? ur, d erit HG etiam . Ergdcom EH {4 %
*‘1. IG, sitque EH. IG4; : FH. HG, eerit ¢ 10. 10,
FH T HG.fergo KG eft bin. cujus nomi~ £ 37.10.”
na FH. HG. Eodem modo ejuldem nomina ¢~
runt FK, KG; contra 43 hl.!'us. i

o Definitiones [ecunda.

‘Xpofitd rationali, & quz ex binis no-
Eminibus, divifa in nomina; cujus majus
nomen plus poffit quim minus, quadrato re&tz
linez ﬁgi longitudine commentfurabilis 3
1. Siquidem majus nomen expofit# rationali :

V 4 come"-
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commentfurabile fit longitudine; vocetur tota ex
binis nominibus prima, .

11. §i verd minus nomen éxpofit rationali
longitudine fit commenfurabile,vocetur ex binis
nominibus fecunda.

111. Qudd fi neutrnm iplorum nominum f¢
longitudine commen(urabile expofite rationali,
vocetur ex binis nominibus tertia,

' Rurfus, fi majus nomen pluspoflit quim
minus, quadrato re@te linez £bilongi~
tudine incommenfurabilis 3 .
1V. Siquidem majus somen expofite ratio-
nali commenfurabile it longitudine; vocetur ex
binis nominibus quarta. .
" V. Siverd minus nomen 3 vocstur quinta.

VI Qudd fi neutrum iplorum nominum,

vocetur fex:a,

Pror. XLIX..

A..4C...5B Inven've ex bie
- e nis nomimbus pri-

E G -mum,EG.
a fib.29.10. * Sume AB,AC
b zlemao,  He——— numgros quadra-
10, tos,quorum exceflus CB non Q. exponarur D ¥,

:0.3.1:»'. 1oy accipe quamvis EFTL.D, ‘fac AB. CB::
EFq. FGq. erit EG bin. 1, .
¢ o, Nim EF {TL D, < ergd EF /. £ item
fé 10 EFyT FGq. ¢ ergd FG cft ctigmj. item
£ foh. 12.10, d quja EFq. FGq:: AB.CB:: Q. nonQ; herit -
h .10 pE o FG. defjue quia yecthonverﬁonem
rationis EF4. BFq— FGq :: AB. AC 2 Q.Q.
¥ 2 5. keritEF D v/ EFq— FGy. lergd KG of
bin. 1. Q.E. F. 8
h Explicatio per numeros.
" SitD, 8 EF, 6.AByg.CB, §.quare cim
: - 95
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o Likér X' 225 ;
. § 2 36.20. etit FG; / 20,proinde EG et
& v/ 30, :
A " Paaee.. L. ,
AndCunsB " Invenireex binis nomi-
DT b fecundon, BGL
E ——men G . :
o TR Accipe AB, & AC
H- " guteros quadratos,quo-

tum exceflus CB fit
non Q. Sit D expofita . fune FG "1~ D. Fac Proba ut pre—-
€B. AB ;: FGq. EFq. Erit EG quazfita. cedeiem.
Nam FGT3- D, qure EG eft §. item EFq
““Ii FGq. ergd EF eft ctiami p, itgm quia FGq, .
EFq:: CB. AB ::npon Q Q. ¢ FG'm. EF.
denique quia CB. AB «: ¥Gq, EEg, inverséque -
AB. CB :: EEq. FGq, erit ut in pracedenti,
EF . ¢ EFq —F67.-2 € quibus EGelt'a 24ef. 48"
bin- Z.QE. Eo . . . 1o. .
_ Ix numeyis, 1 D, 8. FG, 10.AB, 9. CB, 5.
erit BF, / 180, quare EGelt 10, + 4/ 180. .

. Imer. LI.
"Bt 4C et §B Invenire ‘ex bin's
o L.uwe6 nominiy? tertsa, DF, .
" . 2 Sume numeros ,
D i e a fib.2g.1e.
. B ’ AB, AC quad:atos, f
H _— quorum excelss CB .

non Q. Sitque L numerus non Q, proximeé riz- -

jor quim CB, nempe unitate, vel binario. fit G

expofita f, b Fac L, AB:: Gq, DEq. > & AB. b3 Jem 104

Ct :: DEq. EFq. erit DF bip, 3. 18

© Nam quia DEq ¢ an, 4cft DE§, itéem cconfir. 6.

63. DEq:: L. ABz:non Q Q rergd Gm-jo,

) DE. iem quia DEq ¢ Q- EFg, ¢ etiam EF ¢ 610,

. . eft . quineriam quia DEq. EFq:: AB. CB::

Qnon Q. feft DE "IJ-EF, porro , quiapat f s 1w
Vs coaft.y..
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confir.& ex 2quali GQ-EFq:: L. CB:: non Q.
£ fd.27.8. Q. (nams L, & CB non funt fimiles plani nu-
hig.1o,  meri) berit G etiam “TJ. EF. denique ut in
k.3 def. 48, przced.y/ DEq — EFq “TI. DE. k ergd DF
19, .
eftbin. 3. Q. E.F: o
_ Inmumeris, it AB, 95 GB, 5;L,6. G, 8, exit
DE; {96 & EF, ¢/ %32 quare DF =4/ 96 .
N 282 : ’ . B
ri'% .

Prer, L1 i
A.3ConubB. Invesire ex binis nowini-
P bus quarsam DF, o

- % Sume quemyis nume-
rum quadratum A B,*quem
divide in AC y» CB non

by3 lem. 10, quadratos. it G expofita 5 ® 3CC_iPC-.D,E_ T.l-
9. G.<Fac AB.CB :: DEq. EFq, crit DF bin. 4,
s3lm.s0, Nam utin 49, hujus, DF oftendetur bin.
LT jtem, quia per conflr, . & converfionem rationis
DEq DEq —EFq :: AB. AC::Q,nonQ.

8- 1% deit DET- y DEqQ EFq. tergo Dt .
4%.10.° " bin, 4. Q.E. F. : . ]
In numeris , it G,8. DB, 6, ¢rit EF 4/ 240

ergd DF et 6/ 24.,

Pror, LI1I1L-
é-a-- 3Cuun6B | mm'rg ex b;':)u‘;: #o-
m wintans, DE:

Dy . r Accquc_ quemvis nus
: mexum quadratum -AB;-

' : cujys fegmenta AG, CB ;
fimt non Q. fit G ¢xpofita-p. fume EF ‘T Gu,
fac CB..AB.:: EFq. DEgq. erit D¥ bin. §.
. Nam utin 5o hyjys, erit DF bin. &quiz .
.a g.ge,, per_conftr. & invertendo DEq. EFq :: AB.
b.s.aef.  CB;-idedque per converffonem rationis DEq. .
atxe.’  DpqEFq i ABAC 5 Qunon Q *srit:

D
afhag.to, E

Hyepooarey .

N
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DE ‘O y DEq— EFg..*ergd DF ehbin:
4. QE.F

Innumeris 6t G, 7. BE , 6, it DB ¢/ 54
quare DF cﬁ‘—n/ 54.

Pror. LIV. -

A § Cunim 7B Invenive ex bini m&-
L a9 wibus fexsam.
ST g Acip AC, CBpii-
B ™MOoS numerns utcunque,hc
H—— ut AC  CB (AB) fic @ 3.lem 10,2
non Q. fume etiam quem- O

vis L num. Q. fit G expof. . » fidtque L. AB::
~ G3. DEqg. a:que AB. CB :: DEq. BFq. erit
DF. bin. 6

Nam, urin 1. hujus, DF oftendetur bin.
item quod DE , & EF "13- G. denique igitur
quiz per conftr. & converfionem rationis DEq.'b fib. 2y 8.8.
DEq—EFq:: AB. AC::non QQ. (Nam € 9.10.
AB primus eft ad AC, "xdcéque ei diffimilis 43 'l::ﬁ"
cergo DE ‘. ¢/ DEq_EFq 'ergoDFc B
bin. 6.-Q.B. F.

1n pumeris it G, 6. D3448 erxtF.F\/;.S ;
quare DF eﬁ~/4.8 - 1/:8.

LEMMAL
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LEMM A ,
Sit AD reflan--
1 ¢ _idgfr s tm}”" lazc
ecctur inequl-
GULE|E)  liter inBs; bifectiimgs -
[t fegmentum minss
5.6 - ’ ECii ¥ ; atque ad
2.38. 6 Bl d— A?‘-, :-g;t reflang,
\ -AGE=ET¥q, pérg;-
k3L St P G,E.Fb dxcanturati
' AB paalldls GH,
Sl B o i ¥ EYFK. < Fiat ausem
' guadvatum LM =
vedtang At  atgs ad
: OMP /aduﬁamb;ﬁ~
y ; - abyuadratum MN= |
L ° T g 3 vetfaque LOS,
LQT, NRS, NPT producantur.
Dico 1. MS, MT funt reffamuls. Nam ob-.
quadratorum angulos OMQ, RMR. reélos,.
ipfﬂﬁ- 5.5 3eric QMR re@ta linca, ® ergo anguli RMO,.
widIs QMP redifunt, quarepgraM$,MT  funt res

&angula.
Sch st 2, Rinepatet LS < = LT3 & prainde LN iffe.
guadratum. '

) 3+ Reftangula SM, MT, EK, FD' equdlia-
&by fimt, Nam quia re®ang. AGE 4= EFq. cerit
$97 6 "AB.EF.:EF. GE. f ideSque AH. EK :: EK: |
g‘;lzcb:"‘ 6. OLi hoc eft per conftr. LMi: EK:: EK. MN.
a‘s.5. = syverim LM. SM:: SM. MN. egd EKb =
k:36. 1., SMk=FD!=MT, -

miis 4 BelNe=AD:
.16 10, _ 5- Ruia EC hifectaeft in F;®patet EF; FC;.,
EC 1. dfe

e.18.8, 6. SiAE e EC; & AE-"T1.4/ AEqem.
1hae, . ECgceunt AG, GE, AE .. jtem, quia .
AGG,
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AG,GE :: AH. GI rcrung AH, GI; hoc eft p 10. 10,
-LM; MN ., item ii{dem pofitis. -

7. OM ‘T3 MP. Nam per Hyp, AE. T
EC,9erg6 EC ‘T~ GB. 4 quarc EF ‘T3 GE, ¢ 14- 1o,
fed EF. GE :: EK. GL.-* ergo EK 1. GI, T 10 10
hoc ¢ft SM ‘TL MN. atqui SM. MN :: oM,

MP.rergd OM ‘TI-MDP. .

8. Sin ponatr AE T 4/ AEq~ECq,

Lpitet AG, GB , AE efle .. unde LM T} 1 19, & 17
MN. nam AG.GE :: AH. GL;: LM, MN, to»

. His bene pevfbeltis, facilé fex ftquentes Propofi~
tiopes expediemies, '

Pror, LV,

Si fpatium AD contineatur [ub vationali AB,
@ ex binis nominibus primi AQ, (AR 4 EC)
recia linca QP [patium potens irvationalis eft, gy
ex binis neminibus appellatur. .

Suppofitis iis, quz in lemmate prozimé prz--
cedenti defcripta, & demonftrata {unt, liquet re-
&am OP pofie {patium AD. *item AG, GE, a byy.é lim.
AE funt Tloergd cim AE bfitp “I3- AB, ‘5)4;”' )
&erunt AG, & GE, ‘p T} AB.d ergdreQan. ff;’,’ 13.10.
gula AH; GI, hoc eft quadrata LM, MNfunt d 0. 10,
‘e 130 OM, MP funt p ¢ -, f proinde OP § ;‘7”.'"’::""
eftbin, Q. E. D,

In pumeris fit ABy §. AC , 4 w4/ 12.quare
re&ang. AD =20 + 4/ 300 =% quadr. LNi er-
50 QP ¢t o/ 35 -4 4453 nempe bia. 4,

x Prory.



, 3¢

a ‘m‘ &
lem. §4.100

€ [cb. 13,10,
4 33,10,
¢ lem.54. 10,

g

a by« ér:33,.
10,
b 32 £0ss. -

EUCLIPIS Blementorum:-

Pxor. LVIS

T 8i atium AD contineatuy fub vationali AB, -
& ex binis nominibus feccundi AC ( AE4+EC)3

" rveéta linea OP patium AD potens, yrrationalis eft,

qua ex hinis.mediis prima appellatur.

Rurfus -adhibito lemmate ad g4 hujus, erit
OP=y/ AD, * item AE;AG,GE funt ..
ergd quum AE.>fit f, “T}- AB, ¢ erunt AG,GE
etiam § “T}. AB. ergd re@angula AM, GI;
hoc e& OMq. MPq 4 funt pa. ©quinetiam
oM “TJ-MP. denique EF T £C, & EC

£iyp. 13,108 TL AB, $quare EF eft § “T1 AB. rergd

BK; hoc eft SM,vel OMP eft fy, & Proinde
OP eft 2 u prima. Q.E.D.

In numeris, it AB, 5. & AC, 4/ 48: 4 6-er-
go rectang. AD=4/: 1200 _+ 30= OPq.
€igd OP eft vy/ 67 5—+vy/ 75; nempe bimed. 1.

Vid, Schem. 7. o
Pror, LVII: :
- i fpatium A D

. A ] contineatny {ub vatios

C wali AB, & ex binis
Gl|E .F mmirzib_w’s tertia AC
L AE—+EC );reita
bnea O.P [patium

;3 2 AD potess., frratie-

Hh. xS\u nalis eft quz’ ex binis

. S mediis [ecunda dici=
.

O [——mr—1P" - tt priis, OPg=

- AD.item retangu-

la AH, GI, hoceft

; OMP, MPq fynt

- H T wa. *item EK,vel

OMP eft py. Per-
£4.0 P eft bimed. 2.




Eiber - X. . 233
. In mmeriefit AB, 5. AC 3244/ 34. quare )
AD eft \/_8504‘ ' é00= OPq, réﬁdg‘gp
eft uy/ 450 - w4/ 50; hoceft bimed, 3. -

Pror. LVIIL .
— Si [patium AD
A , - conlineatur [ub ratio-
: GG nals AB, & ex binis
nénuntbus quarta AC;
(AE +EC);redta
linea OP Spatium po-
i rens 5 vrrationalis eff,
HIpK & que vocatur majfo;.
- Nam  iterum ; '
OMq * 1. MPy, aglem.54.10;.
reftang, verd AI,
| hoceft OMq+MPq
beft iy , < item EK, ? byp. &
J‘ vl OMP eft pur. (50
o QT d4ergd OP(y AD) 3206,
e major. Q. E.D d 40,10
In aimeris fit AB,S. & AC, 48, ergd
veftang, AD eft 20 + 4/ 200, quare OP eft y/;
2044/ 2004 ‘

Frop.- LIX.

i (batinm AD contineatur [ub vationali AB,
& ex binis nominibus quinta AC; reltalinca OP
fpatium AD potens, trrationalis eft, quse vationa-
le. & medium poicns appcllatur.
Rurfus OMP TL MPq. redtang. verd AT,
vel OMq+MPq eft pr, *item re@ang, EK, a ur in prafy.
vel OMP ceft 5y, bergd OP (4/ AD )eftpo=b 4130,
tens oy, & wr. Q.E.D.
In mmers, fic AB, 5. & AC, 1+ 4/ 8. ergd
retanz, AD=10 34/ 200=QPq, quare OP -

elt 4/; 1044/ 200.
) " ’ Xz Pror..
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Px oP, L X,

Si Spatiem AD comtineatir fiph vationgli AB,
¢ ex binis nominibus fexta AC ( AE4+EC );
vella linea OP patim AD potens, irrationalis
e}, qua bina media potens appellatur. _

Alg fepe prits, OMq“Cr MPq. & OMq—--

© MPBgcft yr, & reftang. (EK) OMP etiam
s 43,10, pr.2ergd OP=y/ AD eft potens 2 ya. QE.D.
" In memeris, fit ABy §u AC, W/ 12 44/8; er-
g6 reQang  AD, vel OPqeflt of 300 o+ 4/ 209:.
proinde OP el /2 y/ 300+ 4/ 200,

LEMMA..
i Sit refta AB”
, {—' G inaqualiter  feila
in C, sitque AC
L M majus [egmen unis
|- | cuivis DE ap-
plicentuy yeltangu—
la, lPF—.—.AB«;, ic
< N F DH=ACq
A BRI Gh s
qéu LG bifelia’inM  ducaticrque MN.-paialf .
F h P L]

Dico 1. Reffage. ACB: = LN, vel MF
2 45&3 *Nam2ACB=LF, : ‘
a1, 2. DL LG. nam DK (ACy 4 .CBq) -
b72. bPc-LF(2 AGB) ergd cum DK; LF fint z- -
c1.6.. _ quéalw,terit DL —~LG.. .
d-1610.  3: Si ACTJCB, 4 ajt re@apg. DK 1T
. ACq, &CBg.
. - . # Iem, DL LG, nam ACq + CBjy
e lem. 2610, ¢ T2 ACB : hoc et DK'T3. LF. fed DK..
fa0.10.  LFe:: DL.LG. fergd DL LG..
.5« Adhec DL L /.DLg —~1G3 Nam
816 ACq. ACB:s:: ACB. .CBq. hce eﬂl.gl-{».”_
) NS
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LN :: LN, IK.¢quare DI, LM :: LM. IL, ¢
bergd DI x IL = LMq. ergd chm ACq* i 11: 17. 6.
€Bq. hoc eft DH 11 IK, &!proinde DI 13 | 72,
IL, =erit DL} 4/ DL —LGq. Q.E.D., m 18. 70 _
"6, Sin porawr ACq Q- CBq, *erit DL ‘13, 0 19- 10

v DLq—~ LGy
Hoc lemina prapayationis wrem: fibeat pro-6 fe=
quéers il propofssionibus. o

y

o Pror. LXI.
_ Ruadratum ejus que ex binss naminibus ( AC
~— CB) ad ratianalem DE applicatum , fait la=
titudinem DG ex binis nominibus primam.

- Suppofitis iis, qua in lemmate proximé ante~
cedenti defcripra & demonftrata unt, Quoni- 2 byt
am AC, CB * funt 5 T}, beritre@ang, DK b fr g0 10,
T ACq; cergd DK eft jr. dergé DL 11, s feh. 12.10,
DE j. reftang, verd ACB , idedque ¥ ACB ¢ 35 5
(LF) «eft yr, £ ergd latitudo LGelt p “TL 24.10.
DE. ¢ ergd etiam DL *rg. LG. Yitem DL 1. £ 23- 10

« DLq — LGq. ex quibus, & fequitur D6 £ L’;..éih..-
eflebin.x. Q_EB. D. k 1. def.
48. 10,
Fror, LXTL

Ruadvatum ejus , que ex binis mediis prima
(AC-+CB) « vationalem DE applicatum fa-

:{tt lasitudinem DG ex binis sandnibas feckn-
an.

Rurfus adhibito lemmate proximé przce. .
dent; Ro@ang, DK ‘ITI.Aqu;“_‘a ergd DKeft b :34 tor
. bergd latitudo DK eft § ‘T DE. Quia ve- £ o &
rd re@ang. ACB, idedque LF (2 ACB) d 21 to.
seft jr, derit LG§ T DE. ¢ ergd DL, ¢ 13. 1o,
LG funt “F1. f item DL <. 4/ DLq . f k6010,
LGg. & ox quibus. patet DG cffe bin. 3. Qfs,z,ﬁ',f ’
B.D. X3 . Proep, -
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Pror. LXIIL ‘

- %udmum ejus , qua ex binis mediis fecunda
(A C— CB), ad sationalem DE applicatum , fa-

¢it latitudinem DG ex binss nomiznibus tertiam .
’ Ut in preeced. DL-¢R 3. DE. porrd quia.
& byt & 24 reftang. ACB , ideSque LF (2 ACB) *eft
;°;3, re,y M, beritLG Tl DB. © quinetiam DL Q.
¢ lem.60.10. LG. ¢itémque DL 0. ¢/ DLq —~LG3. der-

d1.% gdDGebin.3. Q E. D,
*

Pror. LX 1V, .
uadratum Majoris ( AC ~+ CB) adratios

nilem DE applicatum ,, facit latitudinem DG ex

binis nominibus quartem. )
‘"b’r;&f‘b' Rurfus ACq —+ CBq, hoc eft DK 2 eft &y,
bar1o, g0 DL eft jy DE. item ACB, idedque
€bp & LF (2ACB) ¢ eft yur. dergd LGet 11
:14;;?,'0. DE. ¢ proinde eriam DL ‘TL LG. denique
£ L3.10. quia’AC “g- BC, f erit DL ‘i DLq —
g odp  LGq tundéDG.clbin. 4. QE. D,
AR i, Pror. LXV,

' Ruadratum ejus, quea rationale ac_mediumpo-

tefi, (AC —+ CB ), ad rationdlem DE applica~
wm, fait laitudisem DG ex binis nominibns
quintam, :
a 23 1o, - lreum, DK eft wr. 2ergd DLeft 5 3,
b .10.  DE. item LF eft ‘pr, ® eago LG c.ﬁ *“ILDg.
8 lemo,10, < 10 PL ‘TL LG. 4 iiem DL ‘B / DLq -
€ 5. def.”  1.Gg.eproinde DG eftbin. 5.

48,10,
o Pror. LXVI

Ruadratum ejus , que bina media potef (AC
=+ CB), ad vationalem DB applicatum , facit latie
. Wdinem DG ex binis naminibus festam, '
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Ut prids, DL, & LG funt § ‘1 DR¢
Quia verd ACq + CBq (DK) * 3. ACB_ 2 b
b jdeéque DK “TL LF (2 ACB) éftque DK, © 141
LF <:: DL. LGuerit DL ‘T3 LG ¢ denique 4 1o. 10,

DL ‘T./ DLq — LGq. £ ex quibus liquet § o sar "
DGk bin. 6. Q. E. D, 48. 10,
A LEMMA :
$ A I
5 ¥

_ Sim AB, DE “TL; fiitque AB.DB :: Ac

Dr, £

. Dico 1. AC "m0 DF. w patet ex 10,10, ~ .
#em CB T FE.? quia AB.DE :: CB,FE, a 19. % 3
2. AC. CB:: DF. EE. Nam AC. DF :;

AB. DE :: CB. FE. ergd permutando AC.

CB:: DE, FR. : !

* 3. Rettang. ACB T DFE, Nam ACq. ,
ACBY:: AC.Cp¢:: DF.EF:: DFq. DFE. b 1. &
quare permutando ACq. DFq:: ACB, DFE. < pride.
ergo cim ACq . DFq. 4 cric ACB . 4 10,18
DEE. B o

4. ACq =+ CBq TL DFq~+ FEq. Nam .

zuin ACq. Cpq ¢ :: DFq FEq. erit componen-:

o ACq -+ CBq CBq:: DFq —+ FEqFEqer- ¢ 3. 6.
8 cdm CBq T FEq, ! erig ACq -+ CBq T f 10. 10,

Fqﬁr- FE%. . .

-, Hinc, AC'g.,vel CB, Scritpa~ § 10 I,
siter DE ., vel ‘G- EF- \-g?

. Xa- Proryy
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Prer. LXVIL

A ! 3 " Ei, qua ex

D C g Dbinis_ nomimibus

- . F—, . (ﬂc-:FCB'): .
_ lomitydine. coor

menfurabilis DE , & ipfa ex binis nominibus ¢f2,
atque ordine eadem.

Fac AB. DE :: AC.DF, 3 funt AC, DF
& lemé6.10, T}; * & CB, FE T3 quare cim AC, & CB
b by ® fing 13-, ¢ erunt DF, .FE °p1}.. ergd DB
2’;27‘1‘3.(13 cft e.tia'r:\gb.in. Quia ver AC.-E.B » :: DF,
FE. Si ACTL, vel + ACq — BCq.
d 15, 10.  etiam fimiliter DF 4@, vd(‘ﬁ.d DFq —
e & FEq. itemfi AC T3, vel “T. p cxpol. ¢ erit G-
T militer DF T, vel " ‘pexpof. at i Cp 13
vel “T1 p © erit pariter FE 1 vel ‘T "¢, Sin
£ 14.10. ve:dutraque AC, CB " ‘p, f erit utrag; etiam
g Perdf. DFE, FE ‘0. ' 8 Hoc eft quodcunque binc-
4. 10, mium fuerit AB, erivt DE ejuldem ordinis.

‘Q_E. D *

Pror. LXVIIL

Ei, qua ex binis mediis (AC =+ CB), legi-
tuding commenfurabilis DE, & ipfaex binss medis
eft, atqs erdine eadem. "

a 1.6, *Fiat AB.DE :: AC. DF.[Pergd AC %L
b lem. 664. DY, & CB 3. FE. ergd cim AC & CB
S 5‘1"' © ¢fint w. detiam DF , & FE erunt p. & cim
¢ 1010, AC < T-CB, *crit FD . EB. fergd DB
£38.10. eft 24" Si igitur re@ang, ACB fit ‘u, quiz
£ J;c: 1o}e- DFE * 0. ACB, ¢ ctiam DFE ¢ft %3 et
k 38,vel illud pr,® hoc etiam erit up. * Id eft, Give A3
3910, fit bimed. 1. five bimed. 2. erit DF ejufdem or-
dimis. QE.D. .

Prop,
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Pror. LXIX,

A p B ojei (AC

D i —+'CB) commen-
furdbilis DE , o
151 Major e,

Fac AB. DE :: AC. DF, Quoniam AC
*'g. CB, berit DF ‘- FE.iten ACq+ 2 b . -
CBq?* eft ‘ey; proinde cam DFq -+ FEq? T b lem. 66.100
ACq—+CBq, <etiam DFq -+ FEqeft ‘or. de- ¢ fib. 1310,
nique re@tang, ACB 2eft wr. 4 ergd reQang. d 34. 10,
DFE cft-pr. (quia DFE T ACBE) ©Quare ¢ 40. 16
DE et major Q. E.D. =

o Pror. LXX.

Rationale ac medium potemi ( AC —+ CB)
:ommiff;mbilk Di. & ipfavationdle ac medinm
potens ¢ff. . . ,
_ Trerum fac AB. DE:: AC, DF. Quia AC
*'g- CB; betiam F FE, item quia 209
ACq+ CBq *eft uy, ¢ erit DFq —+ FBq e ¢ u.'!o: %
denique quia re®ang. ACB * cft (p. detiam d fih.13:x0,
DFE eft “gr. ¢ ergo DE ‘eft potens ‘pp , 36 upe'€ 41 Tov

Q.E. D.

i

Pror. LXXT.
« .. Bins media perenss
A——=—B (ACA'CB) cim
D—— S g mmfurabilis DE , &
"F )fa bina media potens
. .

R fl, . ' :
Divide DE, ut in przced, Quiz ACq* T a by
CBq , berit DFq'TL FEq. item quia ACq b law.cé.10-
—+ CBg 2 eft s <erit DFq F.L'.q etiam ur. ¢ 24. 10,
paritérque quia ACB * eft v, 4ctiam DFE eft g 2410,

wr. denique quia ACq + CBy'T- ACB,
e € cri
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e 14.10,°
f 43,10,

g o 16,6,

b 2.ex. 1,
€ 31,10,

d 23.10.
e 13, 10.
f 37. 10,
1. 6.
X, defl
41,10,
k 3. 10.
1 4. def.
48. 10,
m §3.10.

n 2, def.
48. 10,

o §6. 10,
P 5. def.
48. 10.
q 59, ke,

EVGCLIDIS Elementorum
¢ erit DFq+FEq ‘T3 DFE.f ¢ quibus fequitus

DE effe potentem 2 ua. Q2 E.D.

Pror. L XX 1L
DO Si raviopale
' }:'—'_K A, & medium
| B componan-
-8 o] - tur 5 quatroy
irrationales ﬁ-v
, atveleaque

E Y nibws velase
o " ex binis mediis
prima, vel major, el vatidnale ac medinm potens.
. Nimitum G Hq=A - B, erit H una 4 line-
arum, quas theorema defignat, "‘Nam ad CD
expofitam ‘g , * fiat re@ang, CE = A; item F1
= B; b ide6que CI = Hq. Quoniam igitur A
oft 49, ‘eiam CE ef}f v, ©ergd latitudo CF
et p O CD. & quia B eft uy, erit BT upe
dergd FK eft p “I3. CD. tergd CF, FK funt
‘? "G Totaigitur CKfeft bin. Siigitur A
B, hoceft . E —FI, ¢ erit CF —~}FK. et~
g6 i CF Q. / CFq—FEKaq, ®erit CK bin.
1. & proinde H =4/ CI*eft bin. Si ponatur
CFm., ¥ CFq — FKq, lerit CK bin. 4.
quare H (4/ CI) ™ eft major. Sin A —p;
serit CF =1 FK; proindefi FK ‘T o/ FKq—

- CFq, verit CK bin. 2. * quare H eft 2 g pri-

ma. denique i FK ‘T1 ¢/ FKq CFq, Perit
CR. bin. 5. qunde H erit potens ‘gr , ac v,

QED.

Prop,

.

»

_ex binis- gomi=,



Liber X 31
Pror. LX XI1IL

© Si dus me-
C F X dia A, Binter

[¢ incommenfi-

vabilia compo-

P " mantur, dud re-
AR CEIRT > AR .

sl A - | liquairrationa-

l i 1 I les fiunty vel ex

: " binis medtis fe-
v. E X cunda;vel bina
. media potens,
Nempe H potens A Beft una diGarum
Yrrationalium. Nam ad CD expof. p, fac re-
&ang. CE=A, & F1= B. -unde Hq=CI.
Quoniam igitur CE , & FI  funt ya, b eruns h by
latikudines CF, FK 00 €D. item quia CE :"'s‘f'
213 FI; éRque CE. FI¢:: CF. FK, 4erit d 10, 10,
CE 1 FK. ¢ ergd CK eft bin 3, nempe, £ fo.’"’ﬂ 48
- CF 1 4/ CFq—FKq. unde- H = y/ CI f 5. 10.
ferit » p 2%, Sinverd CF ‘T 4/ CFq— FKq, §8f.!:i¢.ﬁ -
s erit CK bin,6, & proinde H eft potens 2 ua b o, 10,

. Q.E.D.

Principinm Senarioram per
detrattionem.
Pror. LXXIV.

e Si & rationali DF rationas’
D B F LsDE auferatur potentid tan-
1im commenfurabilis exifters toti DF : reliqua BF :'i;';-z‘-w-
irrationalis oft; vocetur enten apotonie, . ¢ ro &L
Nam EFq? ‘m3 DEq; fed DEq® eft pr. gef. 10, .
cergd EF. cft p’. QE. D : . ’ )
h Igwmeréf, fic DF; 2. DE,sf3. BFeritz—' =,
V3 . . . Prop.

” ®
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‘Prop, LXXV.

D . ® F  gizmedia DF media DE

" auferatur 5 potentiii -tamtim
commenfurabilis exiftews toti DF 5 que cum tota
DF rationale contineats veligua BF irvationalis efts
vecetur axtem mediz apotome prima.

;f“'- 36.10.. Nam EFq * ‘11 re®ang. FDE. ergd cim

¢ 20 & 11, FDEbfit ‘e, cerit EF p, Q. E. Ds

defro. 7. Inmumerisy fit DF 14f §4. & DE vy 24. -€1gd
EF clt v/ 54 o vy/ 24 .

Pror, LXX VT,
b B P SiimediaDF mediaDE
ST suferatur , potemsii tastum
commenfurabilis exifiens toti DY , que cum tora
DF medinm continear, reliqua EF irvationslis eft:
) VeCelur auiem media apetome [eounda, -

:zp-m Quia DFq, & DEq * funt us T,
"¢ 24010, Derit DFQ 4 DEq T.DEq. ¢quareDFq
- DEqeft up. item reltang. FDE, © idedque
d cor.7. 3, 32 FDE® et ur. ergd EFq (4 PFq - DEg

¢ 27.10, 3 FpE)ceft’pr.quate EF eft 'o. Q_E.D.
In mmeria,({t DF, v/ 183 & DE; vy/ 8. erit

EFU« “8-—v48v - ® :

Prar, LXXVII
—  Si areffalinca AC relfa
A B C uferatur’ AB putensid incom-

. menfurabilis exiftens 10ti BC , quae cumtota AC

: faciat compofitum quidem ex ipfavum quadvatis 1a~
tionale, qued-wsem [ub ipfis continetur medium, re-
ligwa BC irrationalis eft; vocctur autem minot,

k. Nam Acq + ABg2eft ‘py. at reang. ACB

/e

a

b /. 12.10.2 ek wr. b agd 2 CAB ‘1 ACq —+ AB§
< 717_"0. (2<CAB 4+ BC 3dergo ACq+ ABq ‘T
© 11.defiro, BCq, ¢ ergo BC ol p ‘Q. E. D, ‘

Iz

.
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In wmeris, it AC,4/: 18. 44/ 108. AB /s
18 — 4/ 108, crgd BCefty/: 38 4/ : 108,
.—-V: !8 —-V 103. . .

Pror, LXXVIIL

D BB~ _ 55 reffalinea DF re.
éta auferatnr DE potewii
incommenfurabilis exifiens toii DF , qua com tora
DF faciaz compoitum quidem ex ipfarum quadratis
wmedium, quod. autem ]Zb ipfis continetuy; rationale;
veliqua B irvationalis efi: vocernr autem cum vati=
onals medinm totum efficsens.
Nam'2 FDE 2 cft ‘pr. ® & DFq - DEq eft abyp. & fbs
#r. ccrgd 2 FDB'TL. DFq 4 DEq ¢ (= FDE ;‘;;.'
= EFq) cergd EF eft’p. Q_E. D: ¢ feb.12.10,
In nimeris (EDF 5 of 14f 216 4o/ 73, DE, d 7.2 4
Vi ¥/ 316y 72, ergd EF eft o/ 4/ 216 4 S S0 1200

NS LT IVERVEILE 122N K dfae

-84 & refla DF refia au~
1,’-—-5-: feratur DE, potentid incom~
- menfurabilis exifiems 1ot DF, o
quacumsota faciat & compofitam ex ipfarum quae
dvazis, mediums & qued [ubipfis continetur o mes
divw , incommenfisrabiléque compofito.cx quadratis.
ipfarum, reliqua vevazionalis eft : vocetur autem ciim
medio medium totum efficiens. . : '
. !:lsam Fz F(DE, & DFq -+ DEq*® funtnm; :om- & 24,
¢rgd BEFq (¢ DFq —4 DEquw 2 FDE) eft pr. 1
gp;%indc EF eﬁ-’?. Q.,E.%._ el b
. Exempl. gr. fit DF, ¢/: 4/ 180, <+ 4/ 65.DE, d 11. defae
V.4 1824/ 60 EF gty 34/ 180 -4 4/ 607
—-V:V 18°n—pV“3: . .

~

¥ - LEM~
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LeMA 4.
- M i« ] ' - ) )

c

St idem /iumjrm inter primagh wagnitudines,
BG,¢r fea;dmC MG (%“E zsmr tggsm ma-
yuyduzb & quaviam S v
sdem exceffus inter primam magnitudinem BG ‘Eg
mnai DF 3 qui inter fmmlm C, ¢ quar«

dam

a by ~ Nam quis * zqualibus BM, DE adjeftz funt
- b" MG, EF,‘ hoceft C, H; exit exceffiss totorim
15, € 1. gfal}fl’ "zqualumeﬂmdxeﬁmm C,H.

H—-

CmV

' Hinc ; quatuor, ines, Amhmm(:é .
propomo;ala, vxcxll?&m Amhmeucé pro=
-portio

Pror, L XXX

‘s b C ApothBmm-
A e tim congruit eéia limex-
yationalis BC posentid, mt:m commenfierabilss ¢3~
e bt poct,-alia BD 3
.a 22, 1 fer1 pot 13 c.ngruat 6~ -
b 24, :: &angula A }\’CB,ADB," ideéq; coram dupla func -
<€ ‘0)’ 7 2. 'ld cum lgltln' ACq —!'ch - 3 ACB¢€ —AB$ .
== ADq+ DBq— z ADB, ergd viciffim ACq
A lem.79.10. A'ch ~t ADg+BDq:d= 2 ACB. —-.1.
edyp. & ADB.Sed ACq+BCq—: ADq-I-BDq 'cﬂ:
27. 10, 'r.fergézACB.—/: 2 ADB <R pr.

f [ch. 12,10,
B 27, 1% Q E.A

 Pron



| Kb X g
Pror. LXXXI.
: Media Apstome
A 3 D cmprhn AB una tan-
sum compruitretta linea media BC , potentid fo-
Uim commenfbmibiln cxifiens wi,,zb' ckm 1014
wi];ulemriu;ﬂﬁ :

ic ctiam congruere, igitur quonism a by,
tam ACq, & BCq; quam.m’q,-gsic BDq *funt b 1o & 3.
42 "TL. b etiam ACq—+BCq, & ADq—+ BDq [,
erunt ua. © fed retangula ACB, ADB; 4adedq; d f2h. 13,10,
3 ACB, & 2 ADB fum ‘se. tergd 2 ACB © fibay.ae,
—:2 ADB; fhoceft ACq—+ BCq i ADg {73 &
~+BDqeft ‘pr.8 QB.A. - 7930

g 37,10,
Pro?. L XXXII
A B __CD Mediedposi
’ H___ Mg feinda AX
T | una tantim con-
grait vela linea
media BC , po-
tentia folnmcom~
menfurdbilis exi-
: - | fiems totiy & cum
| Jor [ L. 1014 wedium con-,
- - tingns, -
Si fieel potelt; congruataliaBD.- AJEF §
fiantredtang, EG == ACq - BCq; item re-
. @ang, ELf = ADq — BDq. Item EI.z%
ABq, Jam: ACB - ABq = ACq .« BCq=
BG, ergd cUm EI = ABqj; 2 erit KG = 24 4.¢, %¥
ACB. porr6 ACq, & BCq bfunt ue 11, g
§ BgdEG (ACqa BCq) ety ¥ ergd la- ¢ VP
tido EH § “mj. BF. ¢ Quinctiam reQlang. d 23. 10,
ACB;fide6que 2 ACB (KG) eft uy. dergo ¢ by
KH eft etiam §*TL EF. denique quia ACq .+ £ 24. 10,
BCq,id e}, EG 5, 5L 2 ACB (KG) éfique ; iom.26.x0
T £G

—
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h 1.6 EG.KG::* EH, KH k erit EH'. KH,

? 7': "o lergd EK eft aptome, cujus congruens KH. fi~
mili argumento erit KM cjufdem EK congru-

ens 3 contra 8o hujus,
Pror. LXXXTIII ;
- ——  Minori AB,uv4 tantum
A B D C conguitretalinea (BC)
Potenti incommenfurabilis exiflens toti, & cum tota
. faciens compofitum quidem_ex ipfarum quadratis va-
tionale 5 quod autem fub ipfis contimetur medium.
b Puta aliom BD conglr)uerc. Cum igitut AC
; 143;97.!0. -+ BCq,8& ADq s BDq*fint ‘pet, €orum ex-.
€ fehayio. ceflus (3° ACB —: 2 ADB) ¢ eft ‘v, 4Q.B. 43
«d 37.10.  quia ACB, & APB funt ya per hypoth.

Prer. LXXXIV.

- ——  Ei(AB), cum
A B3 DC mtim(ti ,,,Z,,,# totum
fucit, una tantim congruit recla linea BC, potentid
incommenfurabilis exiflens tati, & cum tetafaciens
compofitum quidem ex ipfarum quadratis medims;
qued aksem [ub ipfis continethr, rationale.

Dic aliam BD etiam dongruere, * ergd re-

2 .10, Gangula ACB, ADB. b idedques ACB, & 2

ADB funt ja. ergd 3 ACB —:2 AD; © hoc

d feho.sy.10 SRy ACq + BCq —:-ADg + BDq 4cf jr,

T QB At quum ACq + BCq, & ADq
BDq fintga per byposh. L

¢ lemys.1e.

Pror,



Liber X. 24%.

f " Pror.” LXXXV.

B_C D €i(AB),que
A0 ' cum medis med;-
um tomm facit
WA tantim con~
gruit reita linea
BC poteatid in=-
commenfurab:lis
exiffens toti, &~
. L cum tota facicns
I . G L ¢ compofitumex.
ipfanm quadratis medium, & quod fub 1pfis conti-
netur, medinws, incommenfurabiléque compofito ex
Dfarum quadratis. S
~ Suppofitis iis que falta & oftenfafuntin 8z
hujus; liquet BH, & KHefle j “TL EF. Porré
jgitur quia ACq =+ CBq, hoceft> re@ang, EG
s . ACB, * idedque EGr1 2 ACB (KG) 2 byp:
#ique EG. KG:: <BH, KHjerit EH T.b 14,19
KH-._e;gé EK eft spotome , cujus.congruens
KH. Haud aliter KM cidem apotomaz EK.
congrucre oftenderiar; contra 80 hujus-

. Definitiones tertia.

P Xpofitd rationali; & apotoma, fi tota plus.
__spoflic quim. 'cor‘\)%;uens quadrato re@ i~

otz fibi logzitudind commenfurabilis ; *

* . Si quidem rota expofice ratjunali longitu -
dine fit commen({urabilis, vocetur apotome pri--
ma, i = oen ]

-1'1. - §i verd congruens expofit2 rationali lon-

itudine fit commenfurabilis, vocetur apotome:
tecunda. , . ¢ . _

"I1T. Quod fineque tota, neque congruens:
ekpofitz rationali fit longitudine commenfuras
bilis; vo¢etur apotome tertia,

Y3 Ruge




He

EvC L1D1S Elewiviwim
Rarfjss i wees plus-poflic qudm congruens
. .quadratore@tz hibi lengitudine incoms
v é?gfm; tonali

. idem tata expofitz rationali e

longitudine commenfumbilis, vocetur apotome
nasta.

I V. Si verd cangruens expofitz rationali fic

longitudine commenfurabilis, vocetur apotame
uinta.

! V 1, Qudd fi meque tota neque congruens ex-

Poﬁtz rationali ficlongitudine commenfurabi-
is: .

; vocetur apotome fexta,
Pror. LXXXV], 87, 88,89,90,91.
A..4 C...g B Invenire apotomen pri-
- ——— 9, [tcupdam o tertiam,
I'—'-"'G'-—F quartam, quintam, fextam,
Apotoma inveniuntur,
: fubdu&is minoribus bj«:
somiorum nominibus €x majoribus. Exemp,
gr. Sit 6 o/ 120, bin. 1. erit€ —y/ 20, a5
pot. 1. 8¢, Quare de ctrum inveatione plxa,
xgpetere nihil eft neceffe. —
LEMMA
A D F Gy Skr AC
Jubredtis AB,AD, pro~
V| ducarer .IA)D adFE, &
ifecesur DE in F.sitgg.
fcfﬁq. AGE = Fl?;
. O campleantur vellan-
B ¢ KM1 gie AI, DK, FH.
L n Fiaat vero quad
: i P LM= AH; ¢ qu-
; V‘P % d:ﬁwNo = GI,
ucantis, SR,
'O]SST. w .
ico prima reGan-
gul. AT =LM.NO
RM =TOq. 50q w.
. puctexconfls, © ©  Seoun-




, Lider X. 247"
"Secundd, Relfisg. DK =LO.. Nam quiz-
rc&ang. AGE *= FEq.."l'unt AG, FE, GE a cnfir.

cado6que AH F1, Gt &= almce& LM, b l7 s’
, NO.5 ; arqui LM LO 'NO funt =3 €

'er g6 FI=* LOf=DK = sNM. "”’“ 6/
Tm‘b H‘”, AC =Al DK - FI —— f l‘ l
M . NO_TLO _NM=TR. g 43.1.

Q_arté hbq&t DF¥,FE, DE efit 11 h 16.10.

Quintd, §i AE 13, DE, & AE O
AEq—DEg, kerunt AG, GB, AETm., &k ': 16

Sextd, Item, qia AE 1“0 DE, = erunt AE, 1 byp.
¥E ‘T0.. nideique AT, Fl; boo eft, LM —+ NO m 13. 10,
& LO funt T,

Septimd. Item qvis AG* L. GE*eum AH'n 1.6 &
G, boc eft, LM, NO T, 10 to.

© ¥ priiise

O&avd, Sed quia AE ' TLDE, *erint FE; o 14, 10,
OF 00 Wididque reftang. F1 T G, bwc eft
Lo-u.No “ptre tum LO-NO #:: TS, p 2.6,
SO.1eum TS, SO q 10,18

Nond, Sk pomttsr AE "ﬂ.\/ Aﬁq—- DEy;
‘HMAG GB,AE'1]., - " ’9 "’

Decimo, ¢ Suare reiiang. AH, GI, boc et f AT
'I‘Oq,Squt"n. ie.

Yi Propi.




248 EVUCLIDIS, Elementorsim
' Prop. XCIL .

G Sifpatium AC conti-
A Lk \E;mm' [ub ratianals AB,
| & Apotoma prima AD
} (AE —DE); rectali-

nea TS fpatium A C po-
tens,apotome eft. -
B L € HKHI’ - Adhibe lemma pro-

P ximeé - antecedens pro
m ‘praparationead demon.

T V. D ftrationem hujus. JIgi-
/17 wrTS= 4 AC. item

‘AG, GE, AE funt 13 _,
. | ergdcim AETTABSS
: 13.10. RM Perum AG, & GE o

c 2010 AR cergd reftangula AH & GI, hoc eft TOq
d lim. 9110 & SOq funtje. ¢ iten TO, SO funt g,
¢ 74. 10. ¢ proinde TS cft apotome, QE. D,

Pxor. XCIIL

Vide Schem. praced.
Si fpasium AC contineatur fub vationali AB, &
apotoma fecunda AD ( AE - DE ) ; recta linea
- TS fpatinm AC potens; media eft apotome frims,
. Rurfus juxta lemma antecedens, AG, GE,
a by AE funt 1. cim igitur AR *Git § ‘O AB,
by "ot berunt AE, GE etiam § 'T1 AB. © ergo re&-
angula AH, GI, hoceft TOg, SOq, funt ua
d l‘)m 7410 ditem TO 7. SO. Denique quia DE ¢ 1
. z ,{.';,",.',, . AB §, ferit rectangs DI, ejiisque femiffis DK,
g 75. 10, ~ vel LO, hoc et TOS jy s ¢ quibus fequitur

TS (¥ AC) efiemediz apot. 1. QEqu

Propr,



-t Care

«. .« Likr X v - - 5o . 2Z49:
.‘PRoB.IX,CIV.

- - Vide idem. - - %

> Sifpatium AC contineatur {ub rationali AB, &

" avotoma tertia AD CAE —DE); refta linea:

*FS fpatium AC ﬁatw media ¢ apotom fe--

cupda, °

© Qtin przcedcntn TO & SO fant u. Que--
niam 1g1tur DE 3 eft jrr3 AB, berit retang. , byp:

Dl,tld«ithuc DK; vel TOS wr. ‘El’go TS b 23. 102
FVAC mCdizzpot 3. Q.E. D, "7 e 340

d 76, u.»
- I’nor XCV.

Vide idem.

53 fhatixm A'C contineatwy fub’ rationali AB;!
& apotoma quarta~AD (AE . DB ) reda:
dizea. TS fpasium AC potens, ninov eﬂ.

Rurfus TO * ‘13- SO. Quoniam igitur AB 2 lem; 91.10n
beft§ . AB, < &ic AL (TO3 4 SO inb b .
atqui ut prils reGtang, TOS eft wr- ‘crgp To i 7;' ',;,,
=y AC eﬂ:mmor. Q.E. D.

z Bx_or. X.Ccvi..
i _ . Vide idem.
. s; ﬂ)mlm AC contineatuir [ub rationali AB,.
- apotoma quinte AD. (AE—DE ) ; reila
finea- TS fpatium AC poient, c(! qua Cim 1aTi0~ -
mlz medim Ltumefficite
+ Rudffus enhni TO"g. SO. itaque clim AB
:ﬁ;P “T1.AB,* erit Al, hoo el TOq—+ SOy 2 byﬁ

1 13,107
v. Sed prout in ‘93 reQang. TOS cft fi. pro-
inde TS ...J ACeftquz cum v faci totum - "‘7' ve
yl. QE. . -
o Y5 Pror:-

<,




286, BUYCLID1S Elemeniorums
© Prop. XCVIIL.
=~ si fpatixm AC con-
—te GE ﬁmdtgm fub vationali
" 1l AB, & apotoma fexta
AD ( AE . DE J;
- Xg‘ lirea TS [patism
| AC potens 5 et gque
cmm’gz‘a n:tdmm to-
tum efficit, fape )
Tridem, ut pri-
o s TQY . 8O .dtem.
ey, reQang. verd
TOS eoft jr, futin 94.
3 denig; TOq 4 30q
2. TOS. b ergo TS .

= 30 o qua cum pp facis tomm wal

. LEMMA
reniedh . B . Adniges
R T -
. : : ABgs &~ DH =
; ")t aGq, & K =
3 . F b BGg, ¢ fit GL .

) B 4 ’ w.iﬂl‘t dw..
© Ok U aeh

_ Bricprimd,Rellwg. DK 23 4C + 3014«

ioindicat. .
Secundd, Reftong, ACB-= GN v MK,

”

a 3 B
295 NaDK = AC B bz 24CB 4,
(€31 ABg at ABq *= DF: ¢rgd GK ¢z 2ACB...
7-ax)8.. g dproinde GN, vel MK==ACB.. .
€ L6, Tenid,. Reffang, DIL = MLq. Nam

ACq. ACB£::i ACB;.BCg boc ¢ft ﬁ!a;



= —ga

RIS Liber X, : F1{ et
MK :: MK. IK, *erit DI ML &t ME. 1L
fer & DIL =MLq. £ 176,

113,-3i powatur KC"g.BC,m! DK
ACq.NmACq-l-BLq(DK) s hgisre. -

ACq
an:o, Item, DL .. /. DLq—GLy. .
Nam quia DH (ACq) "5 IK (BCq), berit hi1e. 30,
DI IL. "ergdvDIq—GLg‘n.DL k 18. to.
Sextd, Item DL ‘TL GL. Nam ACq
BCq'T!a AClyhoceﬁDK"n.GK. ser. 1 '"" 36.10,0-
gd-DL ‘I3 GL, . e
. Septimd, $inporatnr AC "g—lC,'mtDL n 1. 18
'1:.4 DLq—=GLg. A

Pror, XCVIIL:

Quadyatii |
R'—‘—gl-——c tima AB (Ag:.- :

WBC) ad r&ionz-.
“lem DE applica-
. , : 1um , facit lasitu~ -
i S -V dinem DG apy: - -
 : . mn imam, -
e ac.ut in
E. F NH Ki lemmatc proximé °

nu. :

Quoniam sgi;ur AC, B(g * fune § T, 2 bypr

b ian, o
v erit DK (ACq.+BCq) TACY; <eigd € fob Tten.
DK ek § pre ‘qthLcﬂ 3. DE. d 21 1q,.

¢ jtem &
reang, GK‘(ZACB) cﬁpb fergd GL eft 5 ;:zlm .
‘TL.DE. s preinde DL 10 .GL ; *cd DLq f :; 18,5, ¢
“0.GLq. *ergd DGioft apotome, & 1 quidern § feb. ,'f’,o 3
prima (q\m"'AC‘g.BC &. proptcrczDL ik 74 30,
'u-«/DLq-GLq) R E.D.... . Lo 485
. ., m lem.97, 1.9

. Piopo.

AN



252. EUCLIDIS Blewmenisrsns
" 77 ‘Pro». XCIX.

. Vide Schema [ubfequens.. .

. uadratum media apotope prime AB-(AC=.
B(§' ad vationalém DB applicatum , fmt labitu=
dizem, DG apstomen fecundam. . ‘

b ’"3, 97.18. al‘{ur{us &:w pdtico femmate przccdcnn) qum,
€ 14.10. AC,&BG' unt: ,A’g_b eait DK (ACqQ—+
d 3 do BCq) "m-ACq; cquarc DK cft ur, dergd
St DL e ‘ym. DB. *item GK (2 ACB) et |
£ I e f ergd GL eft p T1. DE;- & quare DL .
k /int0. GL. b Sed DLG T GL4. *erg DG cft apo-.
}‘IZ:- 0, t0ME. quia verd DL ! o/ DLq — GLq,
3 dep Rt DGapotomcfccunda. Q.E.D; o
85, 10,
" Prom Ci7 ¢ :
2 adyatii mes.
A”—"’;"""—“C dm.%;potmt fe=
D M ¥ L cunde AB(AC..
: . . BC) «d rationa-
’ i lm DB ‘PP‘]C‘-
o e, fact lasieg-
LR B dsmmDGapm. .
o men tertiam.
E - F‘ N H K Iterum DKeg-
py.*quare DI,
10 tft H "U-DE lttmGK ek iy, 2unde GL éft» |
., ® § ‘T DE; bivem DK T8 6K, square DL
dmmu ":LGL 5 4atDLq T}, GLq. & ergd BG “efte.
;Z‘d‘; apot. &quidemf 3% 8.quia DL 'E.V DLq_..
Gte . Gl Q_E. Ds. T
i Provr. G_I:r
Fide Schema praced:
Rexlratam mingris AB, (AC~BC). ad Yo
sieudenas

Ly
XY
Emo



- Liber X 0 - 25%
tonadlemDE applicatum, facit latipudinem DG a~

Dotomen quartam, )

.- Ut-prids, ACq -+ BCq, hoc et DK eft- jr3 .

* ergd DL eft § 0 DE. at re®ang, ACB, jde- 3 31. 10

dque GK (2 ACB) *eft py, » qua}e'GL eftfp z";’f}..

‘1. DE..cergd DL ‘11 GL. 42 DLq M- ¢ 13.10.)

GLq.quia verd *A€q ‘1. BCqye erie DL § £0; 1219

o DLq — GLy; f ergd DG conditiones habet f 4. def;

apotomz quarez, Q. EvD.. .. . 8te.

. Proe. CIL.. ° -
- . Vide Schem: praced; - ;.

* Quadratumejis AB (AC —BC), que curt

rationali mecium sosum efficit , ad vationalem DE:

applicavam ; facis lasitwdinems DG apvromen quin-
tam. - L . - :

- Rufus enird, DK eft uy, *quare DL eft § 2 33.:10.

Y03 DE. item G eft iy, > tnde GL eft7. T3 b 31. 3o.

DE. ¢ ergd DL*TL. GLs; #£ed DLq 1 6Lt & /3 1ot
porrd , DL ¢ “r. /' DLq—GLgq. ex quibus, £ "M;:’r?-lf-
DG £ eft apor. quinta. Q.E. D; s.;s.'m. t

. . Pior. CIII.
 Wide Schema idém. :
- Ruadiatium ejus AB (AC - BC), qua cim
medio medium totimm efficet, ad s ationalem DE ap- *
Picatum , facitlatitudinem DG aposomen: [extam.,

- Haud aliter, quith aneea; DK, & GK funt, 44 o,
pas * quare DL & G fun: ‘p“22 *DE. ivem b kyp & lIem. ;
DK *“@.GK, *quare DL ‘@ GL. dergd 37,0
DG ¢ft apor. * chim igitur ACq ‘T2 BCq, ide- d 7410,
65, DL.“m. DLq GLq, ¢ 41it:DG. § 5 &
appr.. fexta. [ Q_E. D.. ’

i



354~ EUCLIDIS Elwmtiram)

PIOP. C I V.
A miilinleC  Reffalisi DE m-
D 2 5 tmeAB(ACIC)
. : nm»jm-
bil 3 & ipfs apole= .

we e, wque ordint eadem.

S LEMMA

81 AB.DE :: AC. DF. ¢ AR 'ﬂ.DE-.

Dico AC +.BC.TL;: DR 4+ EF.

Nam AC. BC*:: DF, EF. tgd compo- -
nende AC + BC. BC: DF +.EF. EF.ergo -
getmutandoAC—o-BC DF  EF :: BG. EF.

t.dem.6610. 52t BC T3 EF.Y ergd AC -.-nc-n. DE .
b 10100 RE Q 2.D.

6. sFac AB. DE::: : AC, DF. ‘i;uurAC_;-
: ll:s 103, BC T3 DF +EF, ergdcim AC 4. BC <biv
e nomium: &, 4 erit DF<EF ¢jufdem ordinis bi<

tbc’; -1e.. Domium:. ¢-quare . DF —EER ejufdem ordxnu

c Per Jeﬁm- apotome ¢ff; cujus AC . BC. Q}E .
maus 483 :

1o, Pror. CV.
Relta lipea DR media ‘-
A B _.C wewie AB.(AC—BC)

menjurddu [&
. m die ‘Pm’“ 'ﬁ)'ﬂ“‘ﬂ:‘"“

a 136 Xrerum » fac AB. ‘DE : AC. DF. bquaré .

b lem. 193" AC -+ BC 3. DF ...BF. ¢ ergd DF =+ EF
IQ.

1%8. 10., i bimed. cjuem ordinis , cujus AC ~+BC,
4'75.8c. 4 proindc & DF.—EF mediz apotome erit €5 -
76 10.... 1ufd¢m chtﬁs, cujus AC_ BC.. Q, E. D

| P}og_.;-_



(Biber X ; 1™ 3

Pror. CVL
o Refa linee
A— P < DE'( Minori
g AB ( AC .
D - & ¥ BC) commen-

' - fsrabilis, - ipfa miner eff, .
Mat AB. DE:: AC. DE, 2 éﬁg’}r\c —+ BC® lem. 1032
72 DF ~EF. atqui, AC +BC® eft Major,
cergd DE — EE quog; Major eft. 4&. proindé ¢ 69. 10,
DF = EF ot Minor’ Q E.D.. P d 77

+ B0y
Prop, GVIL:
. A ' 2 € ReSlalintaDE tominens
X furdilis 6 K8 (AC

- T3 et
 diuw totem effiit, o ipfa.
s vationali medium sotum efficicns eft.
Nam ad modum przcedentium oftemernud .o -
DF — EF effe potentom ‘pr; &y, ? ergd DFw 2 78 1e8. -
BE el wdicitur. ' ,

 Proxl CVIIL
: Refla linex DE com= .
A_RC %Snwx ¢ AB(AC—..
St - quar owm medio me-
P E L dum towm efiit, &
ipfa cums medis wedism toium efficiens eff.
. Nim,ad normsm precedentium, erit BF —+ - ,
RFipotens. susy * €gd DF . . BF erit ut in 3 97165 .J
popd s BN |

, ZE: That}.




238  EUCLIDIS Ehmemorsm

Pror. CIX.

. ) . Medie B 2
. - F X rationdi A
' . . . 3| Bdetratto,re-
. &a linea H,
. : R I 7 ) rcl:qmm
v I 1P H - [ Jpatii A poteft,
. . :'_z l,'.,v | %14 8x duabus

. H o— irrationalibus _
= oo gl f ]’, fiE, wel apmc

' mpvel Minots

afoax 1, Cl= A’ B; & FL.
. A3 CD p, fac tc&ang. A —+B;
:,':g! * &= B.quare CE a=A: (Hq) Q_omam -igitur

€in10. Cybe prverit CK j 1L Chrledquid FL.E ¢t
g :; ::: pr,derit FK o ‘o CD. °unée CKRTLFK
f74.10-  fergy CF eft spotome. Si igitdr cK 'Y/
§,x f;f CKq— FKq, serit CF apot, prima; b quare ¢
% st . CE (H) eft apotome. fin CK ‘11 4/ CKq—

:s.‘,:ff ¥Kg, k erit CF apot. quinta. & promdc H(«,

195. 10, CE)‘cmMmor. Q.E. D.
Pror. cX.,

. Vide Schem. preced! 2
- Rmmh B amedio. A —-B detrasies alin dun -
; sevationales: funt, vel media apotome prima , vel
;;.4&; cum vationals medinm totem dfficiens.c -
,,,,;,{' . ~Ad CD expol. p fiant refang, CI =
c 2310, _,3,&FI.—B,‘unde.CE—A-—
d 2110 Hq, Quoniam igitur CI b eft pry. c-eit
:-_ ';':g'_ Cl{ ¢ ‘T1..CD. “fed quia FI "eﬁ pry derit
¢ W uf’ KT CD. ¢unde CK TL FK.fergd CF

35 1%, eftapor. £ nempe fecunda ; fi CK 112 ¢/.CKq
k s def. 85 o F gy B quare H (4. CE) et mediz apot. .
prima. Sin veré GK,“I:I.J CKq —FKq,ke-
rit. GF apot. quinta, & promde H (4. CB)"

ceitfa ciens wp cum fr, QB. D.. Paory.

’ 560 19,



Liber X. v 3237
Pror. CXI. b

Vide Schema idem.

Medio B medio A —+ B detraito, quod fit in-
commenfirabile 1oi A 2 B; religua due itrations-
les funt, vel media apoteme [ecunda 5 vel comme-
dio medium totum efficiens. .

AdCD fiant reQang, CI = A +B; &
FI=B, *quare CE= A= Hq. Quoniama 3.ax. 3¢
igitur CI eft ur, ® erit CK ‘13- CD. codem-b 33. 50,
modo erit FK § ‘- CD, item quia CI 13 § b
FI, 4 erit CK T3 FK; ¢ quare CF cftapoto- e 74. 10, |
me, €tertia feflicer, ACK T1/CKq — FKq, g 3. def.
sunde H (4/ CE ) erit medie apar. fecunds. ’,':,o,'o.
verim f CR'TL v CKq —FKq, beric CF § 5-uef.

k i s . . ,_ 10,
gt.ﬁfu};. quare H erit faciens W‘um 8K o o

Pror, CXIL
A Apotome A nen eft

F D E cdem, me ex biwe
B sominibus,
Ad expof. BC 5,

: G L. fae re@ang. CD =
cl. Aq. Ergd ciim A fic
. . oL ) apotome , * erit BD 2 s8. 18
apot, prima; &jus congruens fit DE.® quare BB, b 74 to.
DE {unt ﬁ‘g. ¢ & BB 3. BC. Vis A effe € 1. defl
bin. ergd BD eft bin. 1. ejus nomina fint BF, 5. to-
FD; sitque BF .= FD; ¢ergd BF, FD funt 4 37,10,
T} &BF ¢ O BC. ergd cimBC "L BE, 5. 10"
£ erit BE “T1. BF tergd BE H- FE{ bergy £ 12 0.
FF eft f.item quia BE ‘0. DE , *erit FETL § 75 15000
‘DE. ¥quare FD eft apotome, ! ddedque FD.cft k 14. 10,
3. (éd oftenfa eft 5. que repugnant, ergd A malé 1 7410
Alcitur binomium, Q. E. D... .
" 23 Nomina

.




g58

EUVCLIDIS Elemetersm

Nowina 13 . Snvatem intatiinaium inter
.. fe differcitinm, '

2, Media _

2. Ex binis neminibws, cujus 6 fpeciés

3. Bx binis mediis prima. - '

4. Ex binis mediis fecunda.

5. Major. -

§. Rationale s¢ medium potens.

7. Bina mediapotens, :

8. Apotome, cujus etiam 6 §pecies..

9. Mcdiz spotome prima. -

10. Mediz spetone fecunds.

1t. Minor, . T
12, Cum rationali medium tetum cffi-
toglens,

13. Cumi medio ntedium -totam efficiens,

. Chm latisndinum differentie ayguant differin-

bigsrellarnm, quarsmguadrata funt applicata ad

aliguam rasiondlém , 4isque demionfirarum in prace-

, latitmilints qua oviuntur ex applicationibus

qradratorem hawm 3 lneariss inter (e differve,
Derfplent fequiturbms 13 lintasinter fedifferre.

- ?lof'. _CXIII.

rasionalis A - ad
eam , ik %
o ‘ | ikt pomiibac
L T _BC (BD

H.C & G F R

Blaws: ‘ ‘ ‘ - j‘mnng

asixitw 3D, DO Gk, mcxfmm-gt



: Liber X. 259
& in cadempropertione (EH. 8D : CH.DC);
@ adbac, apotome BE que fit , enndem babet or-
dinem, quem ea BC, qua ex binis wominibus.
Ad DC minus nomen *ficre@ang. DF =4 or. 16,4
~Aq=BE, quarc 8€. CD #:: FC, CE. ergd b 14.6.
dividendo 8D.DC :: FB. EC. ciim igitur B
*c- PC, 4ait FE - EC. fume EG =EBC; & b
S4tque FG, GE :: BC. CH. Enunt EH, CH ¢ 4+ 5*
nomina spotomz EC 3 quibus conveniunt ez,
Quz in theoremate propofita funt. Nam com-
endo FE. GE. EC) «: EH, GH. crg
H,.EH «::BH. CH :: FB. 8C f:: BD. €713, 53"
DC. quarecim BD #13. DC, *erit EH 1 £ :;:"
CH; » & FHq 'm0 EHq. ergd, quia FHgq. 4 se. 10,
FHq* :: FH, CH. *erit FH . CH, ! idtéq;lk l::r.‘a.o. '3
FC - CH.Porrd CDseft 'y, & DF (Aq)
seft 7™ ergd FCeft p “13. CD.quarc exid CH = 2% 1%
ft; 1 CD.igir gH CH fum ‘pac - ut :
priis. » EC e apotome; cui congruit CH.
porréd E}‘;.%Hf :: BD. DC, ideo pgr‘::undo n fb. 13,107
EH. BD :: CH. DC. unde quia CH? 13- 0 7 10
DC,rctit EH 1. 3D, quinimo pone BD L.
¥ D9 DCqg; veritided EH 3. / EHq i
CHq. iteon § BD 1. expol. erit EH "R ¢i- P 1919
dem ‘o; € hoc eft § BC fit bin, 1. terit ECapor, 9 '5-**
Prima, Similicer § DC . ‘pespol. * erit CH. :
TL cidem %, ® hoc et BC fit bid, 3. % erit r 13165 _

. YEC 8pot. 2. &G hac bin. 3, illa erit apot, 3, { 1 def,

8, 10,

. + %e.Sin’BD ‘0. y BDq—DCq, 7 erit BH '} ;"o
4 of EHgm CHgq; fi igitur BC fit bin. 4, vel ¢, 85. 10.

he 2l e S

vel 6. erit RC fimilicer apot, 4, vels, vel6,® sdefs
QLE By Ry

) 85.10,

i y 15,10

S2&  Peon



260 EUCLIDIS Elementornns.
_ Pror. CX1V.
A ‘. sadratum ras
A""‘—j.—,‘e E tioﬁ'u'A ad .apo~
B - + ~somen BC (B0
DC) applicatum,
_ Jacit  latitudinem
c BE eam, qua ex
: binis nominivus scu-
- jus momina BE ,
D ‘GE . cammen(wra-
bilia fimt’ aporome
BC mominibus BD DC, &dn eadem proportione;
& adhuc, qua ex bini nominibus fit (BL) , ewn-
) dem babet ordinem, quem 3)[a apotome BC,
a e 16. ¢, - * Bac reQang. DF = Aq; & BE. FEb::
b 1s.6. ' EG. GF. Quoniam igitur DF = Aq=CBE,
c 14.6. serit BD. BC :: BE. BF. ergd per copnverfios
nem rationis BD.CD X' BE. FE :: EG. GF ::
drs.5. 4BG.EG. fed BDeTL. CD. fergd BG

¢br.  GB. ergd quia BGq. GBq :: BG.GF. herie
w20, 6, BG T- GF Ridebque BG TL BF. porrd
10.10. BDeecftp, & re®tang. DF (AQ) ¢ eft fralter-
I S5 v @¥BF ek’ "EL BD. Sergd eriem BGekt’s 1.
m 1210,  BD. ® ergo BG, GE funti’p .. © quare BE'
B fW.13:10veft bin, denjque -igitur quia ‘BD. €D :: BG..
© 37. 10, GE; & permutando BD BG'::-€D. GE ; sitgs’

p 10'io; ! “BD TLBG,Perit CD T GE.*ergé i CBht

demui, ergd, &eo -

AN

Pror;

apot, prima 3 erit BE bin.’t. &c¢, ut in anteces"
T L e

'



Liber X. 261

- Pror. CXV.
e o
F— |
G >
’ 4P
1 8 B H

Si fpatinm AB contineatwy. - fub -apotoma AC
(CE = AE), & ea, qu.e ex binis nominibus CB;
exjus nomina-CD, DB commenfurabilia fint apeto-
ma nominibws CE, AE 3 & in eadem proportione
(CE.AE:: CD. DB.) ; reftalinea F fpasinm
AB patens, eft rationaln. - . -
Sit G quavis‘p; & fiatreQang. CH=6Gq. = ~ ~

3eric igitur BH ( HI —1B) apotome ; &Hla'u;.u.‘; .

‘1 Cp* 1. CE. * & Bl . PB;*atque
HI1, BI:: CD. DB b:: CE.EA, ergd permu-b by.
tando HI. CE :: BL. EA. cergd BH. AC::c 19. 5.
HI. CE::Bl. EA. ergd cdm HI ¢ 13 CE;d 13.10,

€ 10.10.

cterit BH T AC. f ergd reGang. HC T-f 1,6. &
BA. Sed HC (6q) belt “pr. sergd BA (Fq) 1. 10.
¢ft pp. proinde F eft’e. Q. E. D, (F) § Jeb 32de,
* cooll.
Hinc, fieri poteft, ut fpatium rationale cond-
scatur fub duabus re@is irrationalibus,

Prop. CXVI
l} B i+ Amedia AR fi-
- . £ " unt infirita iWag—

[ . ondls BE, BF,
T &c. & mulla alicus .
C‘ aatecedentium et

D

eadem,
Sit AC expoll
‘pe sitque
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. 8.50. P-Sitque AD fpatium (ub AQ, AB. » ergd AD
AR e ey Sume BE =y ADS ergd uzas,?mm
' " priorum eadem. nullum enim quadratum alicu-
mﬁorum applicarum ad ‘p, latitudinem, efficit
iam, compleatur re&ang. DB *erit DE pr3
& ®proinde EF (4/ DE)_crit ’p; & nulli prig~
rum eadem. nullum enim priorum quadratum
ad japplicatum , lacitudinem efficit ipfam BE.
ergd, &c.
Pror. €XVIL
Propofitum fit nobis oftende-
" 1e 5 in quairatis figuris BD,
diamaetrum A€ lateri ABin-
S -commenfurabilem effe .
‘s o Nam ACq. ABq2:: 3.
b cor.'34.8, B Q b nonQQt=etg6Ac‘
XU ‘- AB. Q_E. D. '
Celebratiffimum cfk hoc theorema apud vete<
res philofophos , aded ut qui hocniefciret, epmy:
Plasq noa Gomingm sffe, kd pesudem diserer,

L1B



Q Olidum <2, quod lengirudi-
Y nem, h‘imdinm’ & Cﬂmtl-
M@ dinem haber, :

11 Solidi autem extves
mum eft fuperficies. :

s I11. Linca rc&a eft ad.
tlanum re&s, clim ad reQas omnes lineas,3 qui-
us illa tangitur , quazque in prepofito fuat pla-
Ro, reQos angulos cfficit,

“1V. Planum ad planum re&um eft, cdm re-.
&2 linez, u?uz communi planorum fe&ioniad
reftos angulos in uno plano ducuntur, alerd .
plano ad reQos funt asgulos. :

V. Reétz linez ad planum inclinatio off;
clim 3 fublimi termino reGte illiuslineaad pla-
num deducta fuerit yct“f:ndic_:daris 5 atque & .
pun&o quod perpendscularis in ipfo plane efie-
cerit, ad propofitz illius linea extcemum, quod
in eodem cft plano, altera reQa linea fueric ad-
junltag eff,inquam, angulus acutus inGltente li=
n¢d, & adjunéld comprehenfys, - g

V1. Planj sd planum inclinatio, eft angulos

" acutus. reltis. lineis contcnm? qua. in utroque
is

planorum ad idem communis (e&tionis punGtusm
du@tz, retos cum fe@ione angnlos efficiunt,

V 11, Planum ad planum fimiliter. inclina~ -
tam effedicitur, atque alternm ad alterum , cim
di&i inclinationum: anguli imeer; fe fuesing 2.

uales. ‘ . )
1 V I11. Parallela, plana funt, qua inter fe
noril conveniurlnt.r i ﬁgm: ¢ ol

‘X. Similesfolid figura funt, qua fimili..

bus_planis continentus, muhigudi;e 2qualibas.

X, Bquales & fumiles folidz figurz .fgg.
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uz fimilibus planis multitudine, & magnitus
jine zqualibus continentur,

X I. Solidus anguluseft plurium quim dus-
rum linearum , quz fe mutud continguntc, nec
in eadem fynt fuperficic, ad omaes lineas inclis
natio. . . -

© Aliter, . :

Solidus angulus eft , qui pturibus quim duo~

" bus planis angulis in codem non confiftentiBus

plano, fed ad unum puné&tum conﬁi_tugis conti=
netur. :

X 1L Pyramiseft ﬁglura folida, planis com-
prehenfa, quz ab uno plano ad unun punétum-
conftituuntur. o _

XIII Prifma cft figura folida, que planis
continetur, quorum adverfa duo funt & xqualia,
& fimilja , & parallela ; alia verd parallelogram-

X IV. Sphzra eft, quando {emicirculi ma-
nente diametro, circumductus femicirculus in
feipfum rurfus revolvitur unde moveri caeperat,
circumaffumpta figura, ‘ a

Coioll. )

“Hinc radii omnes 3 ceptro ad foperficiem
fphere, inter fe funt 2quales. )

-X V. Axis autem fphare, eft quiclcens illa
reQa linea, circam quam femicirculus conyee=
titur. .

X V1. Centrum fphzrz eft idem quod &*
femicirculi, ’ C

‘X V11, Diameter autem (pherz , eftrefta -
quzdam linea per centrum dulta, & utringue
a (phaera fuperhicie terminata, Lo

X V I11. Conuseft, quando re&anguli tri-
anguli manente uno latere eorum, quae circa re=
&um angulum, circumdu@um triangulum in fe-
ipfum rurfus revolvitur , uade moveri caeperat,
circumaffumpes figura, Atquefi quicfcens lr'eiim

nea
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linea 2qualis fit reliqua;, qua circa re&um an.
gulum cgntinetur , orthogoniys erit conus : A
verd minor, amblygonius: i verd major, oxy-
onius, .
- X-IX. Axis autem coni , eft quiefcens illa
linea, circa-quam triangxlum-vertimr.

X X. Bafis veri conteft circulus qui 3 cir-
cumdu@a recta-linea defcribitur, "

X XT. Cylindrus eft, quando reQanguli
parallelogrammi manente uno latere eorum, qu
circa reftum angulum, circamdu@um patallelo-
grammum in {eipfum rurfus revolvitur , unde
coeperat moveri, circumaffumpta figura.

- XXTIL Axisautem cylindri, eft quiefcens

illa re&alinea, circum quam parallelogrammum

convertitur. ~

-X X111, Bafes verd vylindri funt circuli 3
duobus adverfis lateribus , qua circumaguntur,
defcripti. S )
. X X1V, Similes coni & cylindri funt, quo-
rum & axes, & bafium diamerri proportionz-
les funt.

X X V. Cubuseft figura folida fub fex qua-
dratis zqualibus contenta, -

XX VI Terracdrum eft figura folida fub
quatuor-triangulis 2qualibus & 2quilateris con-
tenta.

X X VIIL O&aedrum eft fizura {olida {ub
ofto triangulis 2qualibs & xquilateris contenta.

X X V111 Bodecaedrum eft figura folida
fub duodecim pentagonis 2qualibus, & ®quila-
teris, & zquiangulis contenta,

X X1IX. Icofaedrum .eft figura folida fub
viginti triangulis #qualibus & zquilateris con-
tenta.

X X X. Parallelepipedum eft figura (olida fex
fizuris quadrilateris, quarum que ex adverio
perallele funt, contenta,

Aa XXXI. So-

26%



‘266

EUCLIDIS Eleminorani
X X X1 Solida figura in folida figura dici-

" tur inferibi, q@bndo omnes anguli fgarz inferi-

ptz conftituuntur vel-in angulis, .vel in lateri-

,bus , vel denique in planis figurz , cui infc#i-

bitur. ]

. XX X1I. Solida figura ®lidz figurz vi-
ciffim circumferibi dicitur , quando vel anguli,
vel latera, vel denique plana figure circumferio

. ptz tangunt omnes angulos figura, Circum quam

A TN IR

d‘r“lbﬂuf. ) .
"ProP, L
- / Relle linea pus que-
D dam AC non efh{z [abjeto

' g plano, ¢
- C [ L, Jublimt,
/ E " Producatur AC in fub-
: je@to plano ufque ad F,

vis CB effe in dire@um ipfi A Cjergo duz re&te

AB, AF habent commune fegmentum AC.
2QF. N. -

‘Prov. IL - o
Si dua vecia linee AB,

D @B CD femutud fecent, inu-
F . N 0 funt plane : atque tyi~
,// E\ ~ . angulim omn: DEB in wuno

eff plano. - o
Puta enim trianguliﬁ DEB partem EFG effe
inuno. plano, partem verd FDGB in altero,
ergd rectz ED pars BF eft in fubjefo plano,
pars verd FD in {ublimi, * Q. E. A. ergd trian~
gulum EDB inuno eft plano, preinde & reta

ED, EB;*quare & torz AB , DC inupoplano

exiftunt, Q.E. D,

Pror,

plano, quadam vers CBin
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Pror. IIIL
A . Siduo plana AB, CD
< b [emutuo fecent , communis.
B corm Jeltio EF eff refia
linea.

£ 7Si EF communis fe@tio

fion eft reQa linea, * ducatur in plano ABretaa 1. peft. 1.
EGF,? & in plano CDreéta EHF, duz igitur -

re&z EGF,EHF claudunt fpatium. *Q. E. A, b 14. ax. 1.

)

Fror. 1V.

Si reifa linea EX reftis

3 dusbus lineis AB, CD fe

mutup [ecantibus in commis-

& ni feitiont E ad reclos angu-

los infiftat : illa dulto etiam

per ipfas plane ACBD ad
H angalos vectes evit.

Accipe EA, EC, EB,

- ED 2zquales, & junge re-

, B &as AC, CB, BD, AD.

per E ducatur quaevis recta GH 5 junganrarque

- FA, FC, ED, FB,FG, FH. Quoniam AE

1=EB; & DB *=EC; &ang. AED b_—:; confle,
CEB, c¢rit AD == CB, ¢ paritérque AC = ;5,'
DB. dergs AD. parall. CB. ¢ & AC parzll. d feb. 34. 1.
DB. equare ang. GAE = EBH. ¢ & ang. ¢ 25 .
AGE=EHn. lged & AE f=EB zcrgé GE'F conftr.
= EH, & ¢ AG = BH.quare ob angulos re&os, § 26. 1.
ex hyp. & proinde paresad E, bbales FA,FC, h 4. 1.
FB, ED zquantur, Triangula igitur ADF,

FBC 6bi mutid zquilatera funt, ¥ quareang. k 8.1,
DAF = CBF. ergdin triangulis AGF, ¥pH

latera FG, FH Yzquantur § & proindeetiam 1 4. 1.
triangula FEG, FEH 6bi mutud 2quilatera

funt. ™ ergd anguli FEG, FEH zquales ac y, g,

| B groprerca @i funt. Fodem modo FE cuman te.dif &

Aaa on.nilus.
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» 3. def. 1.

A 211,
b 3. 11,

€ 4. 15,/
d 3.def. 11,

EUVUCLIDIS ,Elmien:o‘rnni

omnibus in plano ADBC per E dullis re&is
lineis recos angulos conftituit °, idedque eidem
planoreftact, Q. E. D,

. Pror. V.,
B , Sivelalinea AR reltss trie
" buslines AC, AD, AE e
Fi mutud tangentibuk in commni
G [ellionz ad rectos angwlos infi-
D flat; ille tres veRainuno (uac

-

. < Nam. AC, AD *funtin
uno plano FC. 2 item AD,AE funt inuno pla-
no BE. vis diverfa efle hzc plana; fitigitur eo-

- rum imerfeQio bre@a AG. Quonham igitur
- BA ex hypoth. perpendicularis eft reQis AC,

AD, eadem ¢ plano EC; 4 idedq; reae AG per-
pencikularis eft.ergd (fiquidem & 2 AR.eftineo-
dem cum AG,AE plano) anguliBAG,BAE re-

. &i,& proinde pares funt) pars & totum, Q.E.A.

a by,
‘b conflr.
-C 4. 1.

d8 1.

€ 5. 11,
£y,

* Pro». VI.

cl St dua reéle lizee AB
B AN ’ DC cidem plans EF: ad rem

E Glos fims angulss 3 parallcle

A o erunt ille refle l}me AB,
¢l DC. ‘

F Ducatur AD, cuiin pla-

no EF perpendicularis fit DG = AB; jungan~
tiirg; BD, BG, AG. Quit in triangulis BA D,
ADGanguli DAB, ADG* re@i funt 5 atque
AB®=LG; & AD communis cft, < erit BQ
== AG; quare in triangulis AGB , EGD fibi
mutnd zquilateris ang. BAG 4= BDG; quo-
rum BAG re@us cam fit, erit BDG etiam re-
Ctus. atqui ang. GDC rectus ponirur; .ergo re-
€a GD tribus DA, DB, CD reQa eft; c que
dded in wno (unt plano; fin quo AB exiftit;

- cam
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cam izitur AB, & CD (int in uno plano, & an-
guli inteeni BAD CDA re&li ﬁm, serunt AB, g 28,1,
CDh Parallelz Q.E. D.

Prer. VIL -
' Si dus fint pavallela reft 2
A—-j——' iinex AB, CD, inquisa

. utraque jmpm Jint gualiver -
G punita B, F3 thalinca B,
Q- qua ad bac pmw?a adjungi=

3 P tur, in eodem eft cum paraile-
dis plane ABCD,
Planum in quo AB, CD fecer aliud planum
per puntag , F. (';am EF non eft in plno
ABCD, illa communis {¢&io non erit, Sit er-
g0 BGF. * heci rgltur re@a eft linea. duze ergo a3
rc&zc EF, EGF [patium clanduat >, Q. E. A, b 144z 13

PnoP VIIIL

' Si due [int pavallcle ve-

B k C' e linee AB, CD, qua~

El b] ™ diera AB ad ret’tos

) caidan plans BV fit anguloss:

& reli gu CD cidems pla-

F no EY ad reffos angules
erit,

. Adfc:t& przparatione & demonftratione fe-
stz hujus 5 anguli GDA, & GDB re&i funt,
lergd GD rc&ae lano per AD,DB (Pin quo’a 410
etiam AB, CD cxr&unt) cergd GD paCD® 7% def, 11
eft pelg:endxculms; arqui ang. COA etiam dre- g 55, -
Qascft. < ergd CD plano EFrc@ach Q.E.Dic 411,

- et TS e W%

- e T

Aagi. . Pror,
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2 411

be .
€ 6. 11,

fopmoocoe
FElEET
Fol I >

" n T

o
-
-

“pasall

EVCLIDIS Elmexiernm.

A Pnor.éx.( ; N
" H sa (AByCD) cidém
-E—_——_g  re@elinea EFfunt paralic-

e , fed non in codem cum

C 1 P illaplane, be queq; funt in-
tcr fe parallele.

In plano parallelarum AB', EF duc HG per-
pendicularem ad EF. item in plano parallelarum -
EF, CD duc IG perpendicularem ad EF. 3 er-
g0 EG reQa cft plano per HG , GI; cidémque
Piano *reCtzfunt AH, & Clisergd AH, &
CI parallele funt. Q.E.D.

Pror, X.
Si due ré6e linee AB, AC fe
A o sangentes ad duas veétas ED,
P ¢ DF (e mutus tangentes fint paralle-
L, non autem in eodem plano, illz an-
gulos aales (BAC, EDF) com-
b irebendent,
. Sint AB, AC, DE, DF zquz-
E F Jesinterfe, & ducantur AD, BC,
- EF, BE, CF. Cim AB, DE
3 (int parallelz & =zquales , b etiam BB, AD
eﬁ:ﬁm, & zquales. Eodem modo CF,
AD parallele {unt, & zquales. < ergd etiam Bg,
FC funt parallele & zquales. Equantur ergd
BC, RF. Cum igitur triangula BAC, RDF
£ibi murué zquilatera fint , anguli BAC, EDF
¢ gquales erunt. Q. E. D. .
Pror. XL - ,
A Adatspunite A in fub-
BvD KAO Y Gimi ad fubjeCium piamum
BC perpendicularems 7o
J 6tam lineam AX ducere,
G E LG In plano BC duc
-  quamvis DE ; ad quam
x.A. 2duc perpendicplarem AF. ad candem per
B o "Fin
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F in plano BC b duc normalem FH.tum ad FH a 121,

271

2 demitre perpendicularen AL erit AL re@a p (4, .

plano BCy -

Nam per I¢duc KIL parall. DE.QuiaDE . 4, ..
dreQacft ad AF, & FH,¢erit DE re@taplano d confir.
IFA; adedque & KL ¢éidem planc £ rectn eft..c 4. 1ro-

s ergo. ang. KIA reQus cft. atqui-ang. AIF £ 8. 10,

4

eriam hreltus oft, !ergd Al plano BC re€a p, o/

eft. QE. D, . 14 tr.
Pror. X1 1.
- Datg plaw BC a punlle
B g Ay quod in ille datum eft , cd
reilos angples vellam Lincam

€ AT exitare,
' A quovis extra planum-

. .
pun&o D *duc DE ream.plano BC3 & jun&i ; 1.,
3t 1

EAtdic AF puall. DE. < petfpicuum et AR
plano BC re®z2m efle. Q.E.F. - -
, Peafticé perficiuntur hoc, & precedens pro-
blema, fi duz normz ad datum panQum appli--
- eentur, ut patet ex 4. 11,
Pror. XIVIL
. R T B 4 [ 4
D E Dato pland AB, % pund
. ¢te Dyquodinilly datun
- efty due redta limea CDy -
. GE 'ad veftos anguios
- pod -excitabutir; aly ea-
o dem parie. v
Nam utraque CD, CE pland AB ? reQa of-
fet, eedémque aded parallelz forent, quod pa-
raliclarum definitioni repugnat, - ‘

Aag Pror,

c 8§ 11

3.def.vi.

+

)

i

a6
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- i*{Pror. XIV,

Ad qua plana CD, FE,
eadem veftalinea AR relfa
eft; illa funt paraliela.

Si megas,plana CD,FE
concurrant , it ut commu-
nis feQio fit re@a GH;
fume in bac quodvis pun«
&um J,ad quod in propo-

"~ fitis planis ducantur reétz
@ hyp. & 3. IA,IB, unde in triangulo IAB; duo anguli
of 1. 1AB,IBA?re@ifunt, * Q E.A. ;

bz, 1
-Pror. XV. = .
© S due vella linee AB,

D
AC f¢ mutnd tangentes ad
: P F dnazs veitas DE, DF fs
. 3 muino tangentes fint pavallc-
BERN

vales bac
GVWNflo

la, non incodem confiflentes
Plans, parallela funt, que per
#la ducuniur 5 plana BAC,

.EDF. :
P Bx A3 duc AG re@am plano EF. ® Sintg;
b2t 1,  GH, GI parallele ad DE, DF. < erunt hz ps-
€ 30.1.  rallele etiam ad AB, AC, Chm igitur anguli
‘: ,"“lf' I YGA,HGA 4 fint re&i, cerunt etiam CAG,
f :;,_' BAG re&i. fergd GA refta eft plano BG;
arqui- eadem reéta eft, plano. EF., *crgo plana

g confirs
b 14 11, BC,EF funt parallels, Q.E,D,

Pro?,
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Prer, XVI -
I © Si dus plana pavallela
.. AB, €D plano quopiam
G  HEIGE fecentur, com-
wuncs  illorwm  fecliones
EH, GF funt paraliele.
Nam i dicamtur non
effe parallele , cim fine
_in eodem plano fecanti,
H v - convenient alicubi, puta
- B D in1 quare cAm -tote
HEeL, FGI* fintin planis AB, CD' produdis,’a 1. 11
. etiam hazc convenient, contra hypoth,

Props XVII:

Si dua veite linea ALB,
CMD parallélis plaws EF,
GH, IK fecentur , in eafdem =
L.‘Ta rationes [ecabuntur ( AL. LB -
2 CM. MD k

ﬁ Ducantur in planis EF,IK
——=DbKl re2z AC, BD. irem AD"
occurrens planp GH in Nj .

- jungantirque NL, NM. Pla-
na triangulorum ADC, ADB faciunt fe@ic-
nes BD, LN; & AC,NM *parallelas, ergo a 16, 11..
-AL,LBY:: AN/ NP *:: CM.MD; QELD. b 1. 4.

I e
o

.

A

.E‘I'n

[ ]

A‘aigs " Press,
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Pror. XVIII. ,

i - ©SE veffulinea
, . F  AB plam cuipi-.

c " am CD ad retes

L 1 s it amgule 3 O

E\ H B G ompia 5 . que. per

ipfam AB plana

D (EF &c), ei-

dem plano CD -

ad veclos angulos evunt.
Duftam it per AB Flanum aliquod EE, fae.
ciens cum plano CD [e&ionem EG;3 ¢ cujus
a 3.1,  aliquo pun&o H,in plano EF.* ducatur HI pa- .
b8 11. rmll. AB,P erir HI ce@a plano CD; paritérque -
c def.11. 23liz quevis ad EG perpendiculares. ©ergd pla-
o aum EF plano CD re@um eft; eidemque ra-.
- tione quavis alia plana per AB ducia plano EB:
%&a erunt, Q. E.D.

Prop, XIX.
. e . Si dusplana AB;.
A E_ CD [e mustus fecan-
' WY tiaplamecuidam GH -
J K , ad rectos fint angu-
B los, communis etiam .

F \  illoyum [e®ioRF 2d
G D rectos {:dm plane .
( GH)) amgules erit,

Quoniam plana .AB:, CD ponuntur. reta
plana’ GHy patet ex 4, def. 11. quod ex puno .
F:inutroque plano AB, CD duci poffitper-..

2.1} 11, pendicularis plano GH ; qua * unica erit, &.
’ propterca eorundem plancrum communis fe&io. .

QE: Dy

Trosr.
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- Pror. XX. ¢

-

D Si folidus angulus ABCD
= tribus amgMlié planis BAD,
- 2 - DAC, BAC comtineatur; cx
: M bus duo quilibet, utut affumpti,
B B Y tertiofunt muyores.

Si tres anguli funt equales, patet aflertio; i
inzquales, maximus efto BAC," ex quo * aufer 2 23. 1.
BAF=8AD; & fac AD==AE ; ducantérque
, BEC,8D,DC.

Quoviam latus BA commune eft, & AD=}, 0.,
. AE3; & ang. BAE*=BADjcerit BE=BD.c 4. 1.
fed BD4+DC4BC.eergd DC - ECcdmd 20. 10
dgitur ADP—AE; & latus AC communeeft,® §-4*-1- -
ac DC~ BCH eritang. CAD—EAC. scr-f 25.1.
gd ang. BADCADBAC. QE.D, 844t

Pror. XXIL .
c Omnis [olidus angulus (ub

' minoribas;quim quatwor veliss
43»’ U angudis planis, continetuy, -.

B _ Efto folidus: angulus Ay, |
. 7 Fa . planis angulis illum compa--
B -nentibus{ubtendantur re&z -

, . BC,€D, DB, EF; FB'in -
uno plano exiftentes. Quo fa&o conflitnitur -
pyramis, cujus’ bafis eft polygonum BCDEF; -
vertex A, totque cin@a triangulis;- quot: plani
anguli componunt folidum A. Jam vero quiz « .~

" . duoanguli ABF,ABC * majores funt uno FBC, a z0. 1J.

3 & duo ACB, ACD majores uno RCD, & .
fic deincepsyerunt triangulorum G, H, I, K. L.
circa bafim anguli fimul fumpti omnibus Gmul .
angulis bafis B,C, D,E, F majores. b fed angu- b fib.-32.9.
li %)afeos und cum quatuot retis faciunt bis ot -
reGos, quot funt latera, five quot triangula. © Er= ¢ 4. a5 5.
g0 omnes.triangulosum circa bafim anguli und .
. cum 1
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cum 4 re&is conficiunt amplids, quim bis tot
re&os, quet funt trangula. fed iidem anguli cir-
¢z baffm urfa cum angulis, qui componunt foli-
dum, compaonunt 4 bis tot reétos quot funt trian-
gula. liquet ergd angulos folidum angujum A
componentes quaspor rectis effe minores.Q E. D,

‘Paor: XXIL’

Si fuerint thes angli plazi A, B; LG, queruos
dre wilibet a_ﬂ‘w:p’:f religuo fint majores ',’ compre=

" hendant auiem ipfos vecka linea equales AD, A,

& 221

b 23, Iy
C 4 X

e 34 1,
£:z0 X

EB &c, fleri poieft, ue ex rectislineis DE, FG,
H1I..aquales illas vectas conneltentibis triangaium

. conflilnasier.

o Bwiis? conflitui poteft-triangulom, fi dux
quzlibet reliqud majores exiftant ; fed ird fe res
babet. Nam *fac ang HCK=B,& CK=_
ducancirque HK, IK. ¢ ergé KH=FG. & c}uia
ang. KCl4c Aj erit KI o~ DE. fed KI f—
HI+ KH (FG); ergdo DE 5HI FG.
Simili argumemo quavis duz reliqui majoees
oftendentur; & proinde ex iis triangulum ? con~

Rugiperft QED. o
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" Liber XI | Z7p
| pror. XXIIL
A B € MK

D E Fi- G
Ex tribus angulis plamis A, B, C. quorsm dxo -3
quomodocunque affumpti veliquo [unt majores , fo- ‘
Ldum angilum MHIK conflituere.. * Oportet au~* 21 11
sem illos tres angulos quatwor relli minoves effe,
Fac AD, AE,BE, BE, CF, CG zquales
inter fe. Ex fubtenfis DE, EF, FG. ( hoc eft
ex zqualibus HE, 1K, KH ) 2 fac triang, HKI. ::”f uidr

ciréa quod b deferibatur circulus LHKT, *Quo- ;, s

.niam verd ADc~HL; < fit ADq =HLq + vid. Claviam,

LMgq. 4sirque LM re&a planocirculi HKI;& ¢ feh47. 10
ducantur HM, KM, IM. Quoniam igiturang.d 33, *t-

" HLM ¢re@us eft, f erit MHq = HLq + LMq § 3. defond

- f a1
g:=ADq. ergd MH = AD. fimili argumento g cenflr.
q Xé ( g g confr

MK, M], id eft AR, BB &c.) zquantur,

_egd cim HM=AD, & MJ=AE; & DEb=h aafr.

1, kerit ang. A = HME* imiliter ang. IMK k 8. %
=B. ¥ & ang. HMK =C. Fattus eft igitur
angulus folidus ad M. ex tribus planis davis.
Q.E. F. Brevitatis casd affumprum eft, efie
ADc HL,id quod in variis cafibus demon-

" figatum vide apu C_Javium.

Bb. M?’ .
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EUCLIDIS Elemtorum
¢ Pzor. XXIV.
‘ . Si folidum AB
| .~ BMaﬂdnp[ams Copi~~
b | e s
Y . ks plana '
: DB &s.) pamﬂe:

¥ . (G'logr@m funt* fo~ -

miliz & equalia.

. A Planum AC fe-
-~ cans plana paral-

1dda AG, PB? facit' (¢Qiones AH, DC parille- -

las..Fidem ratione . AD, HC panllele funt.

" Brgd ADCH cft - paralielogrammum, Simili -

argumento reliqua parallelepipedi: plana funt

b 35.defor.® parallelogtamma. Quum igitar AT ad HG, &

¢ 10,11
d 34. L
€7 5
6.6
4 3
k.6 v

AD ad HC parallela fint, ©erit ang. FADZ=
CHG; ergd ob AF 1=HG, & AD4=HC,
ac e propterea AF. AD:: HG.HC,, triangula
FM;,'GAH £ (imilia funt. &* equaliaj proinde
‘& parallelogramma AE , HB fimilia funt, & .
k zqualia, idémquede reliquis oppofitis planis
eftendetur, ergd &c. ) '

. Prop. XXV,

- ‘ : S [o'idum
Q 1 Cv P parnllclgp'ipe-

LA fle /= “dum AY CD :
o 1 Q|| plano EF ft-

K I 3 - cetur adveifis -
; ' M/H ¥ planis AD,

- . BC parallelo,
A E B K erit I;uemad-,
moduts bafis AH ad bafim BH> -iti folidum
AHD ad folidum BHC. o
_ Concipe Ppp.. ABCD produci utrinque. ac- -
cpc AL=AE, & BK=—EB, &-pone plana:
3Q, KP.piais AD,, BC paralicla. paraliclo- -
Staman 4



. ‘abibﬁr X ’c -255
gramma TM ,"AH; * & DL, DG, *& IQ; 2 36. 1 &
AD,RF, &c.?fimiliaac zaualia funt 3 ¢ quare l'; def. 6,
Ppp. AQ = AEB; arqus eadem ratione Ppp, [ ::Je}“
BP = BF. ergd folida IF , EP folidorum AF, e
¥ C-zquemultiplicia funt, ac bafes IH, KH ba-
fium AH,BH. Quéd fi bafis1H c=; =, =3 KH,

& erit fimiliter folidum IF &, =, =2 EP. ¢ pro- d‘z? n %
1

inde AH. BH.c: AF. EC. Q E. D. 8.4, 11,
Hec eadem s prifmati accommodai poffints © & 45 %

~ade

. Wﬂ”. y

Siprifma quodcunque fecettir plano oppofitis
planis parallelo, fe€io erit figura 2qualis, & fi-
milis planis oppofitis. .

Pror. XXVI, : T

Ad  datess -
veltam  lineam

.ﬁ‘ o
: i ,
: / \ f\ AB, ejiisq; pun-
B AN WA :\ \ wm z;ur[oﬂﬁufu»
N ere angulum o~
zé_ E,_\ . "’N{F lidum AHIL ,
aqualem  [olide
ancul'odato CDEF.
A punflo quovis ¥ * demitte FG planoa 11,1y

~DCE re&am; ducantargue re&z DF, FE,EG,
GD, CG. Fac AH=CD, &ang. HAIl =
DCE. & AI=CE; atque@ plano HAJ, fac
ang. HAK=DCG, & AK = CG. Tum
exige KL retam plano HAT, & &t KL = GF.
“ducatGrque AL. erit angulus {olidus AHIL
- par dato"CDEF. Nam hujus conftru@io iilius -
- conftitutionem penitus zrulatar, wut facilé pa-

- tebit examinanti, ergd falum,

B2y Prore.

rd
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v

a 28. 11,
b 12.6.

G 22. 5.

d 1.def. 8.
€ 24 L1,

£ 9.def, 11,

a.24 11,
b 34 1o

¢ def, 1 1.

EDCLIDIS Elementoruns
’ ’ FROPr X XV ILL

K — D A data ve-
' éTa linea AB,
< B _ dato felido pai-
- 7 /B allelepipedo-
' I ﬁ,,‘Z Fmile jq
: imiditer  poff
LA 3¢ tum  parallele-
pipedum AK defcribere.
Exangulis planis BAEL HAT, BAI, qui 2~
quales fint ipfis FCE, ECG, FCG, * fac angu-
lum folidum A f{olide.C parem. item bfac ¥C,

"CE :: BA. AH.?ac CE.CG:: AH, AI (cun+

de eritex 2quali FC. CG.:: BA. Al) ;- &per-
ficiatur Ppp. AK. erit hoc fimile dato.

Nam per conftr. pgr*, ¢ BH, FE; ¢ & HI,
EG; & ¢B1, FG fimiliafunr, & ¢ horum ideo
oppofita illorum oppofitis. ergd fex plana folidi
AK fimilia funt fex planis folidi CD; f proinde
AK, CD fimilia folida exiftunt, Q. E§F.

Pror. XX VIII,
: Si folidum paraZe-

TE 7|8 lepipedum AR plaro
v FOCD fecetnr por i

N G aeries DF, CGad-

: F * werforum planoram AE,
A H  HB, bifariam fecabi-

‘tur [olidum AB ab ipfo
Nam quia DC, FG 2 zquales & parailele
funt , * planum FGCD ¢ pgr.,{&npropter
2 pgra‘AE, HB zqualia, & fimilia, Petiam tri-
angwla AFD, HGG, CGS, DFE gzqualis. &
fimilia (unt. Atqui Pgr» AC, AG ipfis FB, FD
* etiam zqualia & fimilia funt. ergd prifmatis
FGOGDAH omniaglana zqualia funt, & fimi-
lia planis omnibus priimatis FGCDE B,& pro- -
indeboe prifina illi aquatus. QE:D. . Prowy-
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Proe. XXIK.

B Y
P
[
e(—Tw |
F M ——L
N
A G

Selida pavallelepipeds AGHEFBCD,
AGHEMLKI - fuper candem bafim AGHE ,
" conftituta, & ¥ in eadem altitudiney quorum infi- Mef, imer

Lenses linee A¥, AMin iifdem collocantur vectis f,:';"é‘;{é‘,‘
bineis AG, EL, funt inter fe aqualia, FLKD, &

Nam fi ex * 2qualibus prifmatis A FMEDI, fic anellige
. GBLHCK ‘commune auferatur’ _prilma  /firexs.
NBMPCI, addarirque utrinque folidum % 35" ,{' .
AGNEHP , ® erit Ppp. AGHEFBCD = b 1, & 5
AGHEMLKIL QE.D. . - - PN

Prer. XXX. .
. L
B VI
8 ‘ Ny M
ﬁ ‘A %”
I\ o
H — °
A D e

Selida paralelepipeda ‘ADBCHEF G,
d P‘j”Bla 3 AT
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ADCBIMLK. fuper eandem bafim ADCB cois-
flituta, & in eadem altitudine, -quornm infiftentes
linea AH, Al noniniifdem collocantuy vectis limeis,
inter (¢ fum dqualia. .
: Nam produc rectas HEO, GEN; & LMO,
4. Kingk Spc AP, DO, BQ, CN. 2 erunt tam
DC, AB,HG, EF, PQ, ON; quim AD, HE, -
GF,BC,KL, IM, QN, PO zqualesinter (e~
b739. 11 fe, & parallelz. ¥Quare Ppp. ADCBPONQ.
werique Pppe. ADCBHEFG, ADCBIMLK
¢ tex.1.  =qualeelt; & ©proinde hecipfa intet f¢ ®qua-

lia funt, QE.D.
Pnor.. X XXI.

] p &
/) Al
JHjet
i
0T e WY .'Y
A SRT -

" So'ida parallplepipeds AL'EK GMET,
CPsOHQDN' [upér equales bafes ALEK,
* Aiinde, CPoO confituay & * iy eadem altitudine, a~
cﬁ perpendi- 11311’4 ﬁfﬂ»iﬂlﬂ‘ f}. .
cularis d plane ~ Habeant prim® parallelepipeda AB, €D la-
bafts ad pla- tera 4d bafes re@ta;” & ad laeds CP produ@um
yim o0~ s fiat pgr. PRTS 29, & fimile pyie KELA;
a 18.8 Padedque Ppp. PRTSQVYX 2q. & fim,
b 27. 11 & Ppp® AR. Praducantur OzE, ND4, «PZ,
to-4f- 1t DQE, ERB, IV, FSZ; YXF; & hic'ES,
» . I T o
¢ 30def1q, . Plana O:N, CRVH, ZTYF cparalicla
dip & funt inter fe 3 ¢'& port-ALEK ,  CPuO;
35, 1 PRTS, PRBZ xqualia fuat. Clim igitur P;i)
, o ' Gh.

[



Eiber X 1, 283
CD.PVda,®::pgr. Co (PRBZ).Ps e :: P})p. € 15,11,
PRBZQV9F. PVJo, Feric Dpp. CD F=Fos
‘g[f%?,(. Dz\.ryF 8 = PRVQSTYX *» = AB. | (.

-Sin Ppp* AB,ICD latera bafibus obliqua ha-
beanc; fupes caldem bafes , & in eadem altitudi-
ne ponantuc parallelepipeda, quorum latera bafi-
bus fint re€ta. * Eainter fe, & obliquis 2qualia k 29, 11,
erunt ; ™ proinde & obliqua AB, CD zquan- m 1. a5 1s
-tur, Q' E.. D, . ’ .

ProP. XXXII.

¢ &K
B X .

Savouyd

A E H 1,

-Solidaparallelepipeda ABCD, EFGL fubeaz
dem altitudine, inter fe funt ut bafes AB,BF. -
Produ&d EHI, * fac pgr. FI=AB,& b comple a 43. 1.
Ppp. FINM. Liquet eflc Ppp. FINM. b 31.1
(< ABCD).EFGL4:: FI. (AB) EF.QE.D. § 3 "]

d as. 18
: Pror, XX XIII
! o ] Similia folida parab
Q8 lelepipeda, ABCD,
’ - EFGR, inter f¢ funt
P in  triplissta vagione

, kAmoIogl'ai'rym laterwm
1, EK.
G A Vll ¥ 7 Producantur refte
- fINf - AIL, DIO, BIN. °
S F oo Wy shmiIl, 10,230
E K. IN ipGs EX. KH,
AN ::‘bF ®quales,? adeégz b apin
4 N > -

i




a3'r.

b 31.1,
€ 33,11,
4 17, ’..

f congle,

g g

EUCLIDIS Elementorem

& Ppp. IXMT =zq. & fim. Ppp° EFGH.-
¢ Perhciantar Ppp* I1XPB, DLYQ. Itaque #c-
rit ALIL, (.EK§.:: DI: 10 (HK) :: BI.IN.
(KF); ¢ hoc eft pgr. AD.DL:: DL.IX ::
BO. IT; fid eft Ppp. ABCD. DLQY::
DLQY.IXBP:: IXBP,IXMT. (s EFGH).
b ergd ratio ABCD ad EFGH triplicata eft

* rationis ABCDad DLQY , * vel AladEK.

Q.E. D. ]
Coroll.

Hinc fi fuerint quatuor linez re&tz continne
proportionales | ut cft prima ad quartam, .itd eft
parallelepipedum fuper primam delcriptum ad
parallclepipedum fimile, fimilitérque defcriptum
fuper fecundam. ‘

Prop. XXXIV.

- - oAquaium i
i A= 14 lidot parallcc-
. ‘;’ - pizedvii ADCB.

C l EHGF bafes,
: =D \ ; & altitudines ve-
V Lt H ciprocantur{ AD,

A E ot EH :: EG.
AC) : Etquo-

i [olidovum parallelepipedorum ADCB,EHGE
bafes , & altitudines veciprocantur 5. ila funt -
qualia. - ) ' .
Sint irimé latera CA , 6R ad bafes re@a, fi
jam folidorum altitudimes fint pares, etiam
afes 2quales erunt, & res clara c&a. Sin alritu-
dines inzquales fint, 3 majori EG 2 detrahe EI
=AC. &per ] » duc planum IK parallelum

. bafi EH, itaque

1.Hp. AD.EM ¢ :; Ppp. ADCB.EHIK d:
Pep. EHGE. EHIK ‘l?:?GL.IL ¢:: GE,]E.
( :Acgz-hque: igitur efle AD,EH :: GE.&AC.
%E- . B - '1“ HR'

AY

AN—..
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. Hy[:i ADCB. EHIK b:: AD.EH®: 2t} 33 11,
EGEl'::GL.IL »:: Ppp. EHGF.EHIK, k by).
# quare Ppp. ADCB=EHGF. Q.E.D, 116

Sintdeinde lateraad bafes obliqua. Erigan- ': : ; e
tur fuper iifdem bafibus, in altitudine eddem pa~~ " **
rallelepipeda re&a. Erunt obliqua parallelepi-
peda his zqualia. Quare chm Hzc per 1. partem

. reciprocent bafes & aleitudines, etiam illa reci- -
procabunt, Q. B. D. '

(orolt. :
Qua de parallelepipedis demonfivata funt Prop.
29, 305 31, 33,335 34. etiam conveniuns prifma-
tis triangularsbus, que funt dimsdia parallelepipeda,
ut patet ex Pr. 28, Ipitur, o,
5. Prilmara triangularia 2zqué alta funt ut
 bafes. . . .
2. Si candem vel zquales habeantbafes, &
eandem altitudinem, 2qualia funt,
3. Sifimilia fuerint, eorum proportio tripli- 4
.. cata eft proportionis homologorum laterum.
4. Si zjualia funt, reciprocant bafes, & alti=
tudines; & fi reciprocant bafes & altitudines,
#qualia erunt, . -

Prer. XXX V.

"\, BA€C, EDF
~ aquales, quorm
K werticibws A, D
fublimes  relim .
flinm AGDH -
infifbant, gue cum liness primd  pofitis angulos conti=
nég{lit ¢qu?zl¢r, utrumgs utrig; (ang.GAB =HDE;
& GAC = HDF) in fublimibus antem lincis
AG, DB qualibet fumpta [uerint tunila G,:}(I;

-~

[}
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&r ab bis ad plane BAC, EDF, inquibus caiyi-'
funt anguli pimam pofits BAC,EDFE, dulte fi-

evint perpendiculares GY, UK & punstisvers T,K

we inplaiis & perpendicularibus fiunt, ad angules

:]qzrim}m pofitos f:d]{mtk foerint ]z:ﬂa linee AY,
DK, b2 cam fublimibus AG,DH equales angulos

GAM, HDK comprehendent. :

Fiant DH, AL x7juales, & GI, LM paralle~
lz; & MC ad AC,MB ad AB,KF ad DF,

KE ad DB perpendiculares, ducantirque refte

g.sr. BGCLB, LC aqy EF,HF, HE;* &ftg; LM
3. def. 11, reta plano BAC; ® quare angnli LMC, LMA,
"LMB; eddémque ratione anguli HKF, HKD,
€ 47-t  HKE re&ifunt. Ergd ALqc=LMg .+ AMq .
¢=LMqa CMg -+ ACq*=LCq_+.ACg;

d 8.1 devgdang. ACL reQuseft. RurfusALde=
- LMq+MAqe=LMq+ BMq~+ BAqe=
€47.1+  BLQ 4 BAq.4 ergo ang. ABL criam refus
£ 161, cft. Simili difcurfu anguli DEH, DEH re&i
; funt;* ergd AB = DE; f& BL —EH; f&
40 AC=DF; & CL =FH. 8 quare etiam BC
h 3.4c.3. = EF.8&ang ABC=DEF,3& ang:ACB
3.4%1- _ DEE. unde reliqui ¢reis angali CBM,
ka6.1.  BCM reliquis FEK, EFK zquantar, %ergd
i CM==FK,!idedque & AM= DK. ergd fi
n 47.1. & ¢xLAq m= HDq. aufératur AMq= DKg,
3 ax. » remanet LMq= HKq, quaretrigona LAM,
of. 1 HDK fibi mumd xquilatera funt. ©ergd ang.

LAM=HDK. QE.D.

Ceroll.

Traque £ fuerint duo anguli plani 2qua<
les, quorum verticibus {ublimes re&z linez
aquales infiftant, qua cum lineis primo pofitis
angulos contineant zquales, utramque utrique;
erunt 3 punétis extremis linearum fublimium
ad plana angulorum primo pofitorum demifliz
-perpendiculares iiter fo pquales ; nempe LM
=HK, Prop,

&
b
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- . Pror. XXXV,
¢ L Si tres velfa
linee DE, DG,
DEF  proportiona-
les fuerint 3 quod
) c.x:{ histribus fit fo-
: - lidum parcllelepia
. D E pedumDH,;tqtﬁz-
le eft deferipto & medialinea DG ( IL ) folido pa-
_vallelepipedo YN, qued equilatesum quidem fit, -

quiangulum verd pradicio DH, -

. Quoniam DE. IK*:: TL. DF, beritpar, a by, .
LK =FE. & propter angulorum planoruin ad b 14. 6,
E, & I, ac linearum GD, IM =zqualitatem,
etiam altitudines parallelepipedorum “zquales -
funt, ex coroll..preced. b ergo ipfa inter fe 2qua~ b 31, 13,
liafune, Q. E. D. ' .

& Pror. XXXVIL

gyt
/ ‘ V17
A B -a D
Si quatusr veSia linca A, B, C, D proportiona-
les fuerint, & folida paralelepipeda A, B, C,D
" que ab iplis & fimilia, & fimiliser defcvibuntury
propoytionalia érunt. Et i folida pavallclepipeda,qua
& fimilia, & fimiliter deferibuntur | fuevint pro-
“ portionalia (AB::C.D.) &ripfa veltelinea
A, B, C, D propertionales ernnt,

Nam rationes parallelepipedorum @ triplicatas - 311
funt rationum, quas habent linez. ergd G A. B, fih.23.5,
::C. D. ¥erit Ppp. APpp. B.: :Ppp. C. Ppp. ™
D, & vice verfa, IroP,
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Pror, XXXVIIL

: . ~—='B Si planum AB
. AQMB ad e AC
NN o Teltum fuevity o
E . C ab dlique punts
E eorum , que
. funt in wno planorum ( AB) ad alterum plasson
AC perpendicularis EY dutta fuerit, in planorum
communem [ciTioners AD cadet duitaperpendicula
7s EF. . :
Si fieri poteft, cadat Fextra interfe&ionem
a 12.1. AD. In plano AC *ducarur FG pex;pendicn-
b 4, &3, larisad AD, jungatirque EG. Angulus FGE
def.rns brefus eft; & EFGreQus ponitur, ergd intri-
©€17.4  angulo EFGfunt duoanguli reti. QE. A.

" Prop. XX XIX.

A_n E Si folidj parallele-
pivedi AB, eorum
qie ex adverfo plaw-
‘ rum AC, DB lateis
, (AE,FC, AF,EC.
P ] & DH, Gs, DG,
S HRB) bifwiam feida
o fint; per fettiones au-
ten plana TLQO ,
G P B PKMR fint extenfa,
planoium communis (eltio ST , & folids parallclepie

peds diameter AB, bifariam fle mutip (ecabunt.
Ducantur rectz SA, SC, TD, TB. Propter
2 341, laera DO, OT lateribus BQ.QT, " angu-
b 3.1,  lésquealternos TOD, TQB zquales, ©etiam
<€ 4.1, bafes DT, 1B, & anguli DTO, BTQ &juan-
d feb. 15, 1. tor, dergd DTEL oft re&alinea, eodem modo
£ b g ASCrectacttlines. Porrdeam AD ad EG,
& %irs " quimFGd Cp s filebque AD ad CB, 1
. proinde AC ad Dp parallcle, & aquales funt,
o - . * quare

F

e 7~

3
R

u
£y
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5E’u'farc AB, & ST in codem plano ABCD ex-h 4. 11,
-fiftunt. ‘Ttaque clim anguli AVS,BVT ad ver-
<icem, & alternj ASV, BTV xquentur; k & AS kK 7+ ax.t
= BT erit. AV =PV, 1 & SV = VT, 136
QE.D. T

_ Corell,

Hinc, Inomni parallelepipedo diametri omg
Bes fe m_,ut_uc’l bifecant in uxgoP;dun&o,'V: e

“Pror. XL.
. o N q
IRy,
S PR VA ®

: A 8 G -H
. i fuerint dus prifmata ABCFED,GHMLIK
wqualis altitudinis, quorim bec quidem bebeat bofim
ABCEF parallelogrammums;_iliud vtra GHM lri-
angulum 5 duplum autemfueris parallelogrammum
ABCF trianguli GHM, mqualia erunt ipfa pri-
[masa ABCFED, GHMLIK. .

Nam fi perficiantur parallclepipeda AN,GQp 2 3111
* grunt Jhzc zqualia ob® bafium AC,GP, & 3 374";‘ '
s skitudinum 2qualitatem, © ergd etiam prifma- ¢ g,

12, 4horum dimidia, 2zqualia erunt. Q. E.D. d 28 11
. € 7.4x 1a
. Schol.

‘€x hactenus demonflvatis babetur dimenfio pri  Andr, Tu'
[matum triangulavium, & quadvamgularium, [t
%a?llelepipedmum, fi nimivum dltitudo ducatur in

afim, .

Ut fialtitudo i 10 pedum, bafis verd pedum
quadratorum 100 ( menfurabitur autem bafis per-

. fh, 35. 1, vel per 41,1.) gltiptica 100 per 105
'  OF pro-

.
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Wide felol.
3)’- L

EUVCLIDIS Riementorsm.

- .proveniunt 1000 pedes cubici pro foliditate pris

imatis dati, _ :
Nam quemadmodum re&angulum, itd & pa-
rallelepipedum ro&um, producitur ex altitudine
‘duéta in bafim, Ergd quedvis parallelepipedum
producitur ex altitudine in bafim du&a, ut pa-
terex 31 hujus, -
. Deinde ciin torum parallelepipedum gyodu—
‘catur ex altitudine in toram bafim, femiflis cjus
( hoc ‘eft prifma trian u.lare:Eroducctur ex al-
ticudine dudtain dm:uﬁm > pempe trian-
gulum. R
" Mo’;‘”m. 'y
Notg, lissergizibngua defighant angulum [Widum
primam effe [emsper ad puntium, in quo et anguius,
Littevarum verp que denotant pyramndem, stsman
# ad vm}'ﬂ’mmﬂlidf& . . )
Ex. gr. Angulus [olidus ABCD cft ad pun-

~#tuin A, pyrsmidis b;k“oque BCDA, vertexeft

#d puntum A, & bafis trisngulum BCD,
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L1B. XIIL
Paqr. L

AV fum in circulis ABD, FGY po-

P tygena fimilia ABCDE, FGHiK
Q4 snser [e funt, us quadrata & diame-
O (i AL, FM.
Ducantur AC, BL, FH, GM.
Quoniam *ang. ABC=FGH, a 1. d¢f. ¢.
* atque AB. BC :: FG. GH, b erit ang. ACBb .6 .
(*ALB) =FHG (*FMG). anguli autem ¢ 1. 3,
ABL, FGM‘:’CCE,“ pg:liv;l c zqual:lsaf_unt.d 3;:. 3.
sergd trianguls ABL, KGM zquiangula funt, & 33.3. .
£ qugare AB.gFuG :: AL, ¥M., serge  ABCDE. é ‘:‘; ‘L ‘.
FGHIK :: ALq. FMgq. S S

. CMo L .
" Hinc,quia( AB. FG:: AL. it : BC.6H

&¢. ) polyzonorum fimilium circulo infcripto- s
tum fmfnu faat ut diametrd, _ P 2’.1';.11. &

Ccz2 Pno,r_.'
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.E VCLIDU& Elementornms
JPrer. ILI

. Kd ,
Ciiculi ABT,EEN inter ¢/
Juat, quemddmodum quadrata
- dignetrsAC,EG. - - . .

Portatur  ACq. EGq :: cire,

* ABT. I DicoI=circ, EFN.

Nam primo, fi fieri poteft, fit I=3circ. EFN,
siique exceffos K. Circulo EFN inferibatur

a.¥eb.Y. 3. - quadtatum EFGH , * quod dimidiom eft cir-

curnferipri quadrati, adedque femicirculo majus,

b 3a.3  Bifeca arcus EF, Ff3, GH, HE, & ad pundls

bifeQionum jusge rectas. FL,LF &c. per L

© (b 27.3." duc rengentem PQ ( <quzad EF parallcla cft),

d 46,1,

rr

T.o1cg

& produc HEPR, GFQ;- éftque triangulum
ELF ddimidium parall,clqgr;m?x?i EPQEF, ade-
63\1: majus dimidio fegmenti ELF; paritérque
reliqua triangula ejulmodi reliquorum fegmen-
toromn dimidia fuperant. Et (¢ iterum bifeceaeur
-arcus EL, LE¥, FM &c. refzque adjung

\ ' .,- _'tur, eodem modo  trjangmla fegarentorum {emif-

fes excedent. Quare fi quadratum EFGH ¢
circulo EFN, & ¢ reliquis fegmentis triangula
detrahantur, & hoc fiat continud, tandem ¢ re-
ftabit magnitudo aliqua minor quim K..Eo-
ufque _perventum fic, nempe ad fegmenta EL,
LF, FM &c. mirors quim K, fimul fum-

pa,
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pte. ergd T ( £ cicc. EEN oK )= polyg-f Inp. &
ELFMGNHO (circ, EFN—iegm, EL+LF 3- %
&c¢. ) Cirenlp ABT infcriprum ¢ puta fimile po- g 30. 3. &
lygonim AKBSC TDV, itaque quum ! pofi- 1.
AKBSCTDV. ELBMGNHO * ' ACq. b 102
BGy*:circ ABT. L ac rolyg.AKBSCTDV ‘k by
l=ycirc, ABT, =erit polyz. BLFMGNHO m’;:"'s\"
., ™2 L. fed priis erat I nBLFMGNHO. quz
repugnant. . L
- Rurfus, i fieri poteft, ir T = circ. EFN,
Quoniam igitur ACq. EGg® ::circ, ABT. 1; n byp.
inverseque 1. circ. ABT :: BG3. ACq.pone 1.
cire. ABT ::cire. BEN. K. o ergo circ. ABT o 14. 58
- K.ratque EGRACq:: circ. EFN, K.Qu2 p 11,3,
" repugnare medd oftenfum eft,
Ergd concludendune eft,quod I = circ. EEN.

Q.E D!
(ool
Hinc, vt circulus eft ad circulum, icd polyzo-

num in illo defcriprum ad fimile polygonum in.
bc deferiptum.

e .. . Pror 11L .

A - Omnis pyramis ABDC
g triangulziem babens ba~
G ﬁm,.dividitur in duzs py-

ramides AEGH,HIKC.
aquales & fimiles inter
{ei tviangulares babentes
. afes 5 & fimiles tori
B F b ABDC; é-{nduoﬁiﬁ
mya aguslis BEGEIH , EGDIHK; qua duy
phitmata majora [wnt dividie torius pyramidis
ABDC.

Lacera pyramidis bifecentur in pun&is E,F,.
G.H, 1, K; jungantiirque re&2 EF, FG, GE,.
ELIF, FK,KG,GH, HE. Quoniam latera’

Ccy Pyras
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a e,

b 2g. 1.
c af.1,

4
das. 11,

e wo defs1.

287,
g 40,11,

EUCLIDIS Elemevboram

Humidis proportionaliter fe&a funt, 2 orunt

1,AB; & GF,AB; & IF, DC,aique HG,
o) &c.nparaﬂ:lz; proinde & HI, FG, & GH,
FI paraliel2 funt. liquet igitur triangula ABD,
AEG, EBF, FDG, HIK * zquiangula effe; &
quatuor ultima © 2quari; codem modo triangula
ACB, AHE, EIB,HIC, FGK z3uian{§:la ‘
funt, & quatuor poftrema inter fe 2qualia; fimi-
liter triangula BFI, FDK, IKC, EGH; & de-
nuo wianguls AHG, GDK, HKC, EFI, fi-
milia funt & xqualia. Quinetiam triang. HIK
ad ADB, & EGH ad BDC, & EFlad ADC,

- & FGK ad ABC dparallela funt. Ex quibus

perfpicué fequitur prims, pyramides AEGH,
HIKC 2qualesefle ; totique ABDC, & inter
fe ¢ fimiles. deinde folida BFGEIH,FGDIHK
priimata effe, & quidem aqué alta, neinpe fita
inter paraflela plana ABD, HIK. verdm bafis
BEGE bafis FDG f duplex eft. quare di&a
prifmata zqualia funt. quori alterum BFGE1H
pyramide BEFI, hoc eft ABEGH majus eft,
totum fyd parte; proinde duo prifmata majora .
funt duabus pyramidibus, totidsque aded pyra<

-midis ABDC dimidium excedunt, Q. E.D.

Pro?.
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Pror. IV,

Si fueiint dua pyramides ABCD, EFGH
tjufdem dltitadinis, triangulaves babentes bijes
ABC,EFG; fit autemillarum utraque divifa &
in duas pyramides (AILM, MNOD; & EPRS,
STVH ) equales inter [¢, & fimnles toiss & 1
duo prifmiata aqualia( IBRKLMN,KLCNMO}Y
& PEQRST, QRGTSV. ); ac codem modo di=
vifa fis utrague pyiamidum, que ex fupeviore di=
wifione nate [unt,zdque femper fiat 5 evit ut unins
pyramidis bafis ad alsevius pyramidis bam 5 it
© ompia, que in una pyramide, prifmata ad emnia,
que inalieia pyramide prifmata , multisudine a-

ualia.

’ Nam (adhibendo conftrutionem praceden-
tis ) BC.KC*:: FG. QG.bergd triang. ABC 2 15. 5.
eft ‘ad fimile triang. LKC,ut EFG ad © fimile b 23 6.
RQG. ergd permutando ABC.EFG ¢ 1: LK, § 5,5 >
RQG ¢ :: #fm.KLCNMO.QRGTSV (nam ¢ fip. 34 110
hzc zquéalta funt)f :: IBKLMN. PFQRST. £ 7.5.
g quare triang.ABC. EFG :: Prifm. KLCNMO g 125¢
-a-IBKé.MN.Prifm.CLRGTSV—;-PFQBST;

. E. D
. Sin ulteritis fimili pa&o dividantur pyrami-
des MNOD, AILM; & EPRS, STVH,erunt
quatuet nova prifinara hic effe@a ad quatuor

.. Ccq ifthic
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» 1.8,

AT, 1e.

b 4. 12,

¢ byp.
du’.j.

<y &
6or. 4. §.
£ fuppof.
8 14.5.

EVCLIDIS Elementorim
ifthic produ@a, ut bafes MNO, & AIL ad
bafes STV,& EPR, hoek wt LKCad RQG ,
vel ut ABC ad EFG. »quare omnia prifmata
pyramidis ABCD ad omnia-ipfius EFGH
#d fe habent, ut bafis AB( ad bafim EFG,

Proyp. V.

. QE.D.

ATY

B K G
Sub eadem  altitudine exiffemes pyromides
ABCD,EFGH riiangulares babentes bafes ABC,
EFG,inter f¢[untut bafes ABC,EFG.

Sit triang. ABC. EFG :: ABCD. X, Dice
X =pyr. EFGH, Nam; fi poflibile ft , fit
X 3 EFGH; sitque Y excelfus. Dividatur py-
ramis EFGH in pri(mata & pyramides, & reli~
quz pyrsmides fimiliter, donec reli@z pyramie
des EPRS, STVH minores evadant folido ¥«
Quum ‘igitue pyr. EFGH =X + Y; liguet

 reliqua prifmsts PFQRST, QRGTSV loli-

do X majora efle. Pyramidem ABCD: fimili-
ter divifam concipe; ¥ Eritq; prifm IBKLMN
+KLCNMO. PFQRST + TSV =
ApC.EFG. «:: pyr. ABCD. X.dergd X
prifm. PFQRST+QRGTSV; quod repugnat
pritis ai_ﬁrmztis. : .
Rurfus , dic X~ pyr. EFGH. pone pyr.
EFGH. Y :: X, pyr, .PABCD" :: EFG. AB%J.
quis EFGH ¢ X, secrit Y=3pyr. ABCD,
quod 6exi nequit, ex jam diis. Concludo igi=
tws; quod X = pyr. EFGH. Q.E.D. ’



Liby XIT. T2
_Pror. VI, '

= M-

' c DI K

. Sub cadem altitudine exifientcs pyealiicdes:
-ABCDEF, GHIKLM, & pefygonas bbeatis
“bofes ABCDE, GHIKL, imer jz funt ut baf 5

ABCDE, GHIKL. :

- Duc re@as AC, AD, GI, GK. Eft baf.
«ALC.ACD? ::]gyr. ABCF, ACDF bergd. .
-compofie. .ABCD. ACD :: pyr. ABCDEF.. -

ACDF. ? atqui etism. ACD. ADE :: gyr..

ACDF. ADEF. ¢ ergo ex zquali ARCD..

ADE :: ABCDF. ADEF, ® ergo componendo )
-ABCDSE. ADE: pyr. ABCDEF, ADEE.2 fs';
-porrd ADE. GKL ¢:: pyr. ADEF. GKLM; ~ 7 7°
- ac,ue privs,atque inverse GKL.GHIKL «:pyr.
- GKLM GHIKLM, ¢ergd iterum ex xauali-€ *% 5
-bus. ABCDE. GHIKL :: Pyr. ABCDLE.

- GHIKLM. Q.E.D. )

_ Si bafes non ha-4 % 1.
bent Jatera wqué  .:
" multa, demonftra-
tio- fic procedet.
Baf, ABC. GHI
¢ :: pyr. ARCE..
GHIK. ¢ aque
. ACD.GHT :: pyr.© 5- 3%
. ] ACDF. GHIK.f 24 5
fergd bal ABCD.GHI :: pyr.ABCDF GHIK.
e Quinctiam bal, ADE. GHI::pyr. ADEF.
GHIK. fergd bafl ABCDE. GHI:: pyr.
. ALCDEF. GHIK,

Cey Tzorn,,
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a 34. 7.
b 5. 12,

C J. 4% 1.

oYy 12

in 5.

EVCLIDIS Elementorum

Prer. VIIL .

A D i W"" if",f.,nﬁ:
N 1\ b b , dividisur i
PR T2 B ACBE:
Bo€ (pine o meges

Ducantur parallelogrammorum dismetri AC,
CF,FD. Triang, ACB*=ACD, bergd -
qué altz pyramides ACBF, AGDE zquantur,

- codem modo pyr. DFAC = pyr. DFEC. a-

qui ACDF, & DFAC una eadémque funt pl!o
ramis. ©ergd. tees. pyramides ACBF, ACDE,
DFEC, in quos divifum eft prifma, intes fe -
quales funt. Q. B..D. C

Corol. .
e Hinc , qualibet -
mis tertia- i
ﬂ» F tis candem c?;: xﬁ:%
) bentis & bafim & altitu-
dinem : five prifma quod-

libgt criplum .eft pyrami-
dis ; candem cum ipfo
E babentis bafim & alitu-
R prifima’

m refolve po-
lygonum ABC DEGHIKF in trigona prifma-
23 & pyramidem ABCD igonasipy-
Tamides, * Erunt fingulz pa ifmatis tri-
plz fingularum partium pyramidis. b proinde
totum prifma ABCDEGHIKT totius pyrami-
dis ABEDEH triplum et Q, E. D,

(4]

Daap.
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Pror., VIII,

A ;,}\, -
£ F

A c G

-~

7=

gutwres habent bafes ABC, EFG, in triplicata fimt'

vatione homolozerum laterum AC, EGs N

- 2 Perficiantur parallclepipeda ABICDMKL, § 9_7;,( £ 11
EFNGHQOP; qua® imilia funr & py.-ami- d 28.11 &
duni ABCD, EFGH: 4 fexrupla; ¢ideéq; in ea- 7.12.

dem cum ipfis ratione ad fe invicem, £ hoc cft ing 13 5.
wiplicata bomofogorum Iaterum. Q. E. D. 33 Ahe

" Similes pyramides ARCD, BEFGHy quis triu

Coroll.
Hinc, etiam fimiles polygona pyrampides rari-
onem habent laterum homologoram “triplita- -
tam; ut facilé probabitur refolvendo brs in tris
gonas pyramides, e
Prop. IX.. = . i
] VFide Schema praced:
Aqualium pyramsdum ALCD , EFGH', ¢~
triangulares bafes ABC, EVG habensimm, recipro--
captar bafes, & dtitudine & quarum fyramidum’
trianzulares bafis habentium veciprosaniis bafts & .
QbitiAines, ille funt aquaes.. . \
1. Hyp, Perfe@la parsilelépipeds ABICT-
MKL, EFNGHQOP zqualium pyramidum
ABCU, BFGH-(uitumque utriuique) *fextu- @28 13, 8
* plafunt, % xqualia ideo inter e, ergdale. () 7t

als,. Lt



%00
b 34 11,
C 15.5.
‘b;p.

¢ 5s5.5.
f 34.51,
§ ¢ ax.1.

EUCLIDIS Elemeniorims
alt, (D) *:: ABIC.EFNG ¢:: ABC. EF6.

. E. D, '
2. Hyp. Alt. (I’I)a]t.(l))d :: ABC.EFGe::
ABIC, EFNG.

ergd parallelepipeda ABIC-
PMKL, EFNGH:QEOP ®quantur; & preinde
& pyramides ABCD , EFGH horum fubfextu-
plz paresfunt, Q. E.D. '
Eadem polygonis pyrangidibus conveniunt: nam be
ad srigouns veduck pofunt.
Coroll,
ga de pamidibus demonfirata funt, Prop. 6,
8:,5 etim‘t’{maiwt W&u prifmatis,cim
bac tripla fim pyamidum candem bafim & alti~
tudiners babentinm, itaque 1. priématum 2que al-
torum eadem eft proportio, quz baGum.
a. Similium prilmatum proportio triplicata
«ft proportionis laterum homologorum, .
3. /Equalia prifmata reciprocant bafes & al«

‘titudines, & qu reciprocant, funt 2quales.

&: cor. 1. by
ims & fob,
4Q T L.

LB RN

Schol. :
Ex haQenus demontiratis elicitur dimenGe
quorumcung; prifmatum & pyramidum.
~ # Prifmasis {oliditas producitur ex altitudine
in balim dudta; ® itaqs. & pyramidis ex tertia ale

titudinis parte dutia in bafis..

Paoe,
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'Px’o?. X. v

* Gmnis conus Lertia pavs eft cylindri babentss eame,.
- dem cum ipfv'bafin ABCD, & altitidinem aqua~ -
lem. : o .

St negas, primé Cylindrus triplum.coni fupe- Vid¢fig: 34.

rer excellt E. Prifma fuper quadratum circulo :"Jfﬁ' 7 4
ABCD infcriptum * fubdupluni eft prifmatis fu- & cor, ‘9, 13,
er quadratum eidem circulo circumferiprum fi-

i & cylindro 2qué alti. crmtifma fuper qua-
dratum ABCD (uperat cylindri femiﬂ{;. co-

dem medo prifma fuper bafim AFB cylindro - * )
qué altum fegenti cylindrici AFB bdimidio b /ib.27. 3.
majus eft, Continuerc bife@io arcuum, & de- € @r-9. 1%
trahantur prifmata, donec fegmenta cylindri.re-

li&a, nempe ad AF, FB, &c. minora evadant
“folidoB. Traque cylind. — fegment. AF,FB,&c.
-(prifma ad bafim AFBGCHDI..) majus eft, c 5.4x. 1’
quim cylind.. B (¢triplum coni). ergd py- d byp.
samis di&i prifmatis e pars tertia (ad eandem € ¢or 7.13¢
bafim fita, cjufdémque alticudinis), cono 2qué

@ito ‘ad bafim ABCD. citculum major eft, pars.

toto Q. B. Al - :

Sin conus tectid parteccylindri‘major dicatur; -

fe itiden exceflus E, Ex cono detrahe pyrami-
.des, ut in priori parte prifmata ex cylin 3, do-
wecreflept copi fezmenta aliqua,'puta ad AF,
DL R,



1%
£ iy

EUCLIDIS Elomentoruns.

FB, BG, &c. minora folide E., ergd con, — B
( £ $cylindr.) =2 pyr. AFBGCHDI (con, o
fegment. AF, FB, &c.); ¢rgd prifma pyramidis
triplum ( 2qué altum (cilicet atque ad eandem
batim?) cylindro ad baim ABCD majus eft,
pacs toto. Q. E. Ay Quare fatendum eft, quod
cylindrus tripfo cono zquatur. Q. E. Dy -
4 Pxor. XL '

a 3o, 3, &
1. pofh.
b 6.12.

Sub eadem-alsirdine exiftentes cylindri, & com
ABCDK, EFGHM ister ¥ fust wt bafes
ABCD, EFGH. -

Sitcirc. ABCD. circ. ERGM :: con, ABC-
DK. N. Dico N==con. EFGHM..

- Nam i fieri poteft, fit N =1 con, BFGHM,
sitque ‘exceffus Os Supgoﬁti praparatione, &
argumentatione pracedentis 3 erit Q miajus fe-

mentis conicis EP, PF, FQ, &c. idedque fo-
idum N — pyr. ERFQGRHSM. 2 Fiat in cit-

culo ABCD fimile pelygonum ATBVCXDY.

Quia pyr. ABVYK. pyr. EFQSM b :: pelye,
-ATBVY.polyg. EPFQS < :: circ, ABCD.cirE.
EFGH 4 :: con. ABCDK. N, = erit pyr,

c ;.;..:.xz. EPFQGRHSM — N. contra modo. di&a.

® k4, §.

Rurfus dic N £=-con.. EFGHM. pone con.
FFGHM. O:: N, con. ABCDK f:: circ.
BEGH. ABCD, § ergé.0O.~con. ABC Dﬁ.
v - : qes
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quod sbfurdum cft, ex oftenfis in priori parte. £ by & i
Teaque.potids dic , ABCD. EFGH :: con, "‘"""’:
ABCDK. EFGHM. Q. E. D. EIsS

Tdem demontftrabirur de cylindris, fi cono-
rum, & pyramidum loco concipiantur cylirdri
& prifmata, ergo, &c. e

~ SCHOL.

€ bis babetur dimenfio cylindrerum, ¢~ conerum .
querumcungue. Cylindei re@z foliditas produ- .
<itur ex bafe circulari (2 pro cujus dimenfione 5 1. proy,
confuJendus eft Archimedes) du&i in altitudi- e 3

nem, b igitur & cujufcunqs cylindei. | cire.
< Itaq; coni foliditas producitur ex tertia par- © 11- 1%
t¢ altitudinis du&a in bafim. € 10,13,
. Pror. XIIL

Similes coni & cylindvi ABCDK, EFGHM
in triplicata ratione (uat diametrorum TX , PR,
quainbafibus ABCD, EFGH. :

Habsat conus A ad aliquod N rationem tri-
plicatam Tx ad PR.. dico N =con. EFGHM:
Nam £ fieri poreft , fit N =2 EFGHM 3
sitque exceflus O. ergd ut in Prioribus, N=
{yr. EPFQGRHSM. Sint axes conorum IK

M, ad ducantirque re@2 VK, CK, VI, CI; a 24 def iy
& QM, GM, QL, GL. Quoniam coni fimiles |, ig gof 14,
funt, * eft VI, 1K :: QL. LM. anguli verd ¢ 6.6,
MUK, QLMY rcdi funy. ¢ crgdusigona VIK,.
< . Dda QLM
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4 a6 Q}.‘M zquiangula funt} dunde VC. VI :: QG

A QL. item VI. VK :: QL. QM. ergd ex 2«

€75 quali VC. VK :: QG. QM. * quineriam VK,

CK :: QM. MG, u‘gé rurfus ex xquo VC.

£3.6 CK :: QG. GM. f ergd triangula VKC,

QMG fimilia {unt; fimilique argumento reliqus

g 9.def. 1. hujus pyramidis triangula reliquts illius. 8 quare

K cor. 8.12. pyramides ipfa fimiles funt, & funt verd hz in.

k 4 6. triplicata ratione VC ad QG, *hoceft V1ad

bis.s. RL, fvel TXad PR. = ergo Pyr, AIBVC-~

m bp.&  XDYK.pyr.EPFQGRHSM :: con, ABGDK,

a “’., N. =unde pyr. EPFQGRHSM - N 5 quod

. repugsat prinis ditis. .

" Rauorfus, dic N = con. EFGHM. fit con,

e Prisé EFGHM. O ¢ N. con ABCDK ©:: pyr.

wverst. . EPRM. ATCK » i1 GQ. VC ter :: 4.PR..
p cor. 8, 13, :

q 46 TX ter, verani * O =3 AECDK. quod,_nro-

¥ 14. S  do repugnare oftenfum cft, Proinde N = con.

" EFGHM. QE.D. , ‘

Quoniam verd quam proportionem habent

coni, eandem quoque obtinent cylindri, eorum

. wipli, habebit quoque clindrus ad cylindruth

. proportionem diametrorum in bafibs triplicatam.

) - Paer. XIIL. - '+~
o Si gylindrus ABCD ple-
W w0 EF fecetur adverfis pla-
" wis BC, A D paralldde: erit
D ™ ofindrus AEFD ad cy-
lindvsm ERCF , itk oxis
F' GladaremI H.
Produ&to aze , 2 fume

. GK =GI, & HL =1t

B C=Lu. & concipe per

pn&a K, L, M.plana du-

B ci circulis AD,-1:C paral-

L JE NP lela, ®ergd cylind. ED =

cyl. AN, & ¢yl ECP =
BO.> = OP. itaque cylin-
drus.

-
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drus BN cylindri BD xqué mulriplex eft , ac .
axis 1X axis JG. paritérg; cylindrus FP zqueé
multiplex eft cylindei BF, ac axis IM axis IHL
prout veré IK =, =, =3 IM, ¢fic cylindr. € 17.02.
EN=, -, mFp.d ergt cyl. AEFD, cyl 4 645"
EBCF: GL.TH. QE.

Pro». XIV.
Super _equalibeg bafi-*

G, " bus AB, CD exifentes
. cmi AEB, CED,

ALGIB K {gf;ﬂ‘&dﬂw"mﬂﬂg

o PC@ ’ Prolu&ﬂ "c.ylindro

D Ha, & axe EM, fume
. ... ML = FN; & per
pun@um L dycatur planum bafi AB Fara le- i
lum, 3erit cyl. AP=CK. »arqui ¢yl AH.§ 5 10
AP, (CK)::ME.ML (NF)QE.D. ™
Idem de conis cylindrarugs, fubtriplis di®tum = _adpise 9,

puta, * imo de prifmatis & pyramidibus. &7 13

. Pror. XV, . )

v eLgualinm conorii BAC,
NI K EDF , & cylindrasm

. BH, EK vegiprocanturba- .
© fbs, & altitudines ( BC.

EF :: MD. LA)t &
© quorNm-conarum, & cylin-
7 Aronum resiprocaniur bafes

& atitydines 5 illi funt

aqua'es.

Si aleitudines pares fint , etiam bafes pares
ewunt , & res clara eft. Sin altitudines fintim~
pares, aufer MO = LA. 8

1. Hyp. EftqueMD. MO (b LA) *:icyl ¢ gy,
EK (<BH) EQ¢::circ. BC, EF. Q E.D. d 1i, 13

Ddsy =z Hp :
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o
1.8,

15. 13,
ky.s

! 30. 3.

b 1,10,

EUVCLIDLS Elememiorum
1. My, BCEF¢:: DMCOM (LA )¢ ;¢

. Cyl. BK. EQs:: BC. EF ¢ :: BH, EQ,

k Brgd cylind. EK=8H. Q.E.B.
Simili argumento utere de conis.

Pror. va- . e
;  Duobus circulis AB-
* €G.DEF circaidem
centrum M exiftenti-
bus, in majori creeulo
Q ABCG polyenum e-
© quilaterum, & parism
laterum  ‘Inforshere
quod non tapgat mi-
novem birculumDEF.
: Pet centrum M
extendatur re&a AC fecans circulum DEF jn
F. ex quo erige perpendicularem FH. 2 Bifeca -
femicirculum ABC, ejéisque femiffem AC, atq;
it3 cominud, b donec arcus IC niinor edadat ar~
cu HG, ab1 demitte perpendicularem IL. Li-

- quet arcum IC totum circulum metiri, nume<

rimque arcuum ¢fle parem, ade6que fubtenfam

€ fib. 16. 4 IC latus effe < polygoni inferiptibilis, quod cir-

d cor. 16, 3

c 28.13.
£ 34.def.1,

_culum DEF minimé continget. Nam HG

4 tangit circalom DEF; ¢ cui parallelaeft 1K,
extrique fita, f quare IK circolum non tangit,
multdque magis CI, CK, & reliqua polygoni
lateta,longitis 3 centro diftantiacircalom DEF
non tangunt. Q: B.F, Coroll, Nota, quod
1K non tangit circulom DEF. :

-

“Pros.
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Duabus _[pheris ABCV , EFGH circa idem
centrum D exiftentibas, in majori [phara ABCV
falidum polyedrum infevibere, quod men tangas fuper-
Fciem mineris [phera EFGH.
Secentur ambz fphzrz plano per centrum fa-
ciente circulos EFGH, ABCV, ducantirque
diametri AC, BV fecantes perpendiculariter,
Circulo ABCV *infcribatur polygonum ®qui- 4 ¢, 13, °
laterum VMLNC , &c. circulum EFGH mi«
nimé tangens. du®a diametro Ne, ere@tique
DO re&i ad planum ABC. per DO, pé<q; dia~
metros AC, Ne erigi concipiantur plana -
DOC, DON, qua ad circulam ABCV bre@a p, ,g. 4.
crunt, idedque in fuperficie fphera < quadrantes ¢ cor. 33.6,. -
: Dd 4 “effici-
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441,

EUVCLID]S Biementornm

efficient DOC, DON, in quibu8 4 aptentur
regz CP, PQ, OR, RO, NS, ST, Ty, 50

_ipfis CN,NL &c. pares, & zqué multz, Inre-

9 Il Il

X 4. 6.
y 14. 5.
z 3.def, 11,

a 15.def. 1.
b 4g. 1.

€ 15.def. 3.
confir,

e 28.3.

f 33.6.
13.3.
32. 1,

k 9. ax. 1.

1g.1.

. PXC, SYN, squam P
- peripheriis infiftentes, € pares funt, triangula

liquis quadrantibus OL, OM@ &c. inque tou
fphzra eadem conftru&tio fiat. Dico faltum.
A’punis P,Sad planum ABCV demitte

" perpendiculares PX, SY, ¢ quz in fetiones AC

Na cadent. Quoniam 18;{111'3!;}1;’ f:n'gu\i a;fu;
=zqu

PCX,SNY hzquiangula funt. Cum igitur PC
k= SN, tetiam PX =5Y, ! & XC=YN;

- mquare DX =DY. ® ergd DX. XC::DY.
© YN: eergo parallelz funt YX, NC. quia verd

PX. SY pares, & ciim cidem plano ABCV re-
&z, etiam ? parallelz (unt , 9 crum Yy,
SP etiam pares & paraliele. rergd, SP, NC
inter fe parallele funt. ergo f quadrilaterum
NCPS, cidémque ratione SPQT, TQRG,

- fed & ttriangulum 9RO totidé fant plana.” Eo-

dem modo tota fphzra ejulmodi quadrilateris, &
triangulis repleta oftendetur. quare inferiprum
-cft polyedrum.-
A centro D duc DZ re@um plano NCPS;
& junge ZN, ZC, 25,ZP. Quoniam DN.
NC : : DY. Yx; et NC 7 = YX ( SP/; pa-
ritérque SP .~ TQ, & TQ e~ 9R. Brquia
anguli DZC,DZN, DZS, DZP,  reQi fun,
latera verd DC, DN, DS, DP ? zqualis, &
DZ commune, *erunt ZC, ZN, 2S5, ZP z-
quales inter fe; proinde circa quadrilateram
NC PS ¢ defcribi poteft circulus, in quo (ob
NS, NC, CP ¢ zquales, & NC =5P) NC
¢ plusquam quadrantem fubrendir. ferpé%ang.
NZC ad centrum obtufus eft-s crgc‘:e'ﬁ(‘.q c
2 2Cq( ZCq— ZNq). SieNIad ACnor-
malis, ergé cam ang. ADN (* DNC
DCN ) Gs ® obrufus, erit femiflis gjus CCN-
- reii
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£e&i femiffe majors tique eo minor ef
. reliquus é re@o ang. CNI. - unde IN~IC. | 91
6 NCq(NIq+ICq) * -2 INq. itag3, .,
ﬁsc ZC. & confequenter DZ P~ DI atqui p 4yis. 5 2
pun&um I ¢ft 9 extrafphzram EFGH . ergd q cor. 1613,
pun&um Z potiori jure eft extra ipfam. adeogs
planum NCPS ¢ cujus ¥ proximum centro pun-g 47,7z,
Gumeft Z) (phzram EFGH noncontingit, Bt
-fi ad plenum SPQT demirtator perpendiculpris ~ ~ .1
D#, pun&um JYyadedque & planum SPQT
adhuc ulteriis 3 ceatro elongatar, idémque eft
de reliduis polyedri plants. ergd polyedsim’
DRQPCN &c. majori fphzrz infcriptum,mi- ;
nogem non contingit, Q. E. B
’ . Coroll.
* - Hinc fequitur, " Si in quavis alia [pheva deferin
batur [olidurs polyedrum fimile pradicto folido poly=
dre, proportionem polycdri iauna [pheva ad polye~
rum in altera effe triplicatam ejus, quam babent
Jobararm diametyi. '
~ Nam fi ex centris (phzrarum ad omnes angu-
los bafium di®orum polyedrorum re&z lineg - ¥
ducantur, diftribuentur polyedra in pyramides .
numero zquales & fimiles, quarum homologa "
latera funt ‘(emidiametri (phararum, ut conftat, :
‘fi intelligatur harum (phzrarum minor intra . »
majorem circgyidem centrum defcriptas congru-
ent enim fibi mutuo linez re@z du@= i centro
hzrz ad bafium angales, ob fimilitudinemba-. . .
um, ac propterea pyramides efficientur fimiles. - = -
Quare civm fingnle pyramidesin una {(phzra,ad - -
fingulas pyramides i(lis Gimiles in altera (phara
2 habeant proportienem triplicatam laterum "ho-
mologorum, hoc eft, femidiametrorum (phera-
+gum: fint autem P ut uina pyramis ad unam pyra- p 45,
midem, itd omnes pyramides, hoc eft, folidum
polyedrum ex bis compofitum, ad omnes py:e«
.- . mides,

»

a cor, 8.13,
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mides, id ef, ad folidum polyedrum ex illiscon<
Riturum; habebit quogs polyedrum unius fpha-
t ad polyedrum altecius fphzr2 proportionem
¢ t5.5.  triplicaam femidiametrorum, ¢ atque aded diae
" metrerum, i

Pror. XVIIL

Spkare BAC, EDF funt in triplicasa ratione
Juarum diamerrorum BC, EF. :
Sit fphara BAC ad {phzram G in triplicara
ratione diametri BC ad diametrum BF. Dico
G =EDE, Nam 6 fieri poteft fit G—= EDF,
& cogjta (pheram G concentricameffe ipli EDF
¢ 17.13. Sphzrz EDF * polyedrum fphzram G non
nngens, [pherzque BAC fmilepolyedrum in.
b er.17.13 fvibatur, b Hac polyedra funt in triplicara rati-
€ . one diamettorum BC, BE, ¢ id cft, phzra
d s BAC ad G. ¢ Proinde fphzra G major eft po-*
*  lyedrofphare EDF inicripto,pags toto,
" Rarlus, fi feriporeft, fit {phizefh G~ EDF, |
Sitque ut {phzra EDF ad aliam phzram H, itd -
& bp.iswrf. Gad BAC, ¢ hoc eft in triplicata ratione diaw
£ 14.5. — meti EF ad BC; com igitur BAC f = H, in«
currimus  ablurdicatem prioris partis, Quin
potils fphxra G = BDF, Q.E. D.

A Corell, o
Hiac, nt fphra ad [pheram , ita eft polye.

drum in illa deferj . A
T

3.
M
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. LIB. XIIL '
Pror. I

I vella linea 2 fecundum extromam
NN & mediaws vationem [ecetur (2. &
a.e), maud fegmentum a affi-

m dm;m tau;ra;, intx-
AN potelt ejus imidia te-
< s defnih:::. quadyati,
o . . Dico Q. a - ’
TN +iz=5Q: C
T2 ATE b i
‘ 12 4 Z2L ¢ 2, 3,

varszt +3 22, Pvelaaza=vr Namd bp &

—_ d=aa. 3 — 16 6.
_ze...zac_.zz.&ze d=aa. fergdaapraz a2z B
. QE.D. Lg%

' Prer, 1L ) - .

- Si velin linea §1 2 fui ipfias fegmenti v
- quintupium paffit s duple preciiti fegmenti (2)
extremd ac medii ratione [eta majus [egmentum
eft 3, reliqua pars ejss que @ principio velte 2.2, _
" Dico 2.8 :ra. ¢, Nam quia per hyp, ¥ 23 . * 430
1z em =24 yuzsvelea pvazmar iz} ’; .
%€ e 22, b erit a3 = 2¢, £ quare Z a:id.¢, ¢ ;,'_‘:',"
Q.E.D. . :
.- Vid fig. praced,
Pror. IIL
Si refia linea 2 fecundim extreman ac mediam
vasiogem fecetur (2.2 329, €) 5 minus fegmentum

¢ affumens dimidiam majovis fegmenti a, quinty- . ) 7;.
Hlm Yo e, quod 3 dimida maior fgmersia,
dtfwiki’:tﬁ quilrm. .

DicoQ: e ta
o Z =s%-}a. 3 hoc eft
S e €43 32 4-C3=22
i"A A . E —i-"l;a:. bVClCC—o-CZd m.&
=&, Nemecrarzueizu, QED. ma

-

PRE
3. 4x, ]
3 2. ’

Pror.
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Proe. 1V

&i reﬂa Gneaz fecindim egtremam ac mediam

yationem faewr (r.aza.ce), quod i tota z,

quidque & minovs [igmento e utmgue fimul_qua-

‘drata, tripla junz ¢[us, quod 3 IM]M fgncm 2
defcnbitur, quadrai,

Dko L ek

2 4 2 /’\ 3a§ ;u\m‘c

Namac_..ccb—

b 3.3. fe €= a3, dg:géaa_;.zae .+ec—3aa
€ 17.6, [ - :
iVsE QuD ‘ Rt

‘ Pror. ‘V.
N 1 frcundum extyemanm

T & mediam rationem
fecetur in C, apponatirgae ei AD aqualis majeri
Segwente AC; teamiia linea DB fecundnm ex-
sremam ac mediam vatisnem fecatur, & majus fes
Wmeﬂqu a principéo vecla linea AB.
a by MNam quia AB.AD?*:: AC, CB, invereens
- g AD.AB:: CB. AC erit .com mdo
. BB, AB )\% AC (A.D), Q:E
i l’nop VI :
D A C B Sirells lmea a<
1 i tionalis AB extremd
o medid vatione-fe-
utw in C; utrimaque [egmensarus ( AC, CB )
iprationalis eft linea, Gl Vocaiuy apelome. .

3 IR 5 -Majori fegmento AC 3 AD=1} A
L. Vergd Dng:‘s DAg. %rgngdﬁﬁq'u-DA‘nl:
d byp. proinde cimi AB, ¢ idedque cjus femiffis DA
< fb.' ;a,n. fint 4. etiam DCeft § Quia verd ya 1 11 non
£7et, QQfdDCT DA.3 +ergd DC_AD, 7t
R e et AC oft otome. Infuper quia”ACq b= 4B

8.1, xBC. & A .& &
p kctiam BC eft apotome:
- @E.D. ’ . ProPn,
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" Liber X1IN 813
Pro}; VII -

. Si pentageni aquilsieri ABCDE tres anguly,
frue qfi de%mps%, ABC, BCD, ﬁudl;i’%‘\l;’,
BCD, CDE qui non deinceps fint , aquales fue-
riat, azuimgulum erit ipfum pentagopwn ABCDE,

Pacibus deinceps angulis (ubrendantyr re&=
BE,AC, BD.

Quoniam latera EA, AB,BC , CD, angu-
lique inclufi » zquantur, ® erunt bafes BE, AC, a byp.
BD, < angulique AEB, ABE,BAC, BCA pa- b

4
res. dquare BE=FA, & ¢ proinde FC=FE, § $¥5-

ergd triangula FCD, FED fibl mutud 2qui- ¢ 5
Jatera funt3funde ang. FCD=FED, proin- f &
de ang. AED = BCD. Eqdem palo ang.CDE § 2
reliquis 2quatur. quare pentagonum zquian-
gulum eft. Q.E.D. . :

Sin anguli EAB, BCD, CDE, qui nonde-
inceps, Ratuantur pares s eritang. AEB=BDC. b 4. 1.
& BE=BD, * idedque ang. BED.— BDE; k 5: &
Yeotus preinde ang. AED=CDE, ergd propter 1 2. ax.
angulos A,E,D deinceps xquales, ut prils,
pentagonum zquiangulum erit. Q E.D.

a . Ec Pror,

1
+ 4% do



K 14. 4.
b 8. 3.
c 7 3.
d 321
© 33.6,
fé.1.,

27. 3.,
4. 6.

byp. &

N
-

3
7.
5.
1.

1.

Nmapacen

4

“r 15.4.:: AD, (BE) AB, ‘Q.B.D,

| 8
Xe Ko
.

EUCLIDIS Elemisitvim

Prer.: VeIl '
Si pentagomi  aquilaters
&  aquianguie ABCDE
duos angulos BCD, CDE,
qui deixceps fint, fubtendans
velt# linea BD, CE: he
extyemd ag medii vatione
D [t mutad fecant, & majora
v bpfarum fegmentg BF, vel,
EF aqualia funt pentagoni lateri BC.*
Circa pentagonum * defcribe circulum ABD,
b Arcus ED = BC, ¢ ergd ang. FCD=FDC.
dergd ang. BRE€ = 2FCD (FCD.FDC ).
Atqui arcus BAEP—=2 ED, preinde ang,
BCF <=2 FCp = BFC, f quare BF=3BC.
Q. E.D. Porré quia triangula BED, FCD
s zquiangula funt,*erit BD. DC. ( BF ) :: CD.
( BF) F D, paritérque EC. EF :: EF. FC

Q.E.D-

Al

Pror. IX.

Si bexagoni latus B, &
decagoni AB in codem cire
culo ABC deferiptorum com-
ponantur , teta vefla linea
AE extremi ac medid vati-
wnt fecatur,( AE.BE :: BE,
AB.) & majus ejus fegmen-
tum eft hexageni laiws BR.

Duc diametrum ADC,
& juagereftas DB, DE. - Quoniam angyBDC
*= 4 BDA, éftque ang. BDC * =2 DBA
(DAB —+DBA ), erit DBA ( »BDE—+BED
¢= 2 BDA 4= 2 BDE. proinde ang. DBA, ve

" DABc= ADE. Itaque trigona ADE, ADB

®quiangula funt, ¢ quare AE. AD, ( ¥BE ).
goroll.



Vot |
-y,

- [Ziber XIIL 3
) _lel.' ‘
Hine, fi latus hexagoni alicujus circuli feds
tur cxtr,emﬁ acme?i’ig ratione?g;ius illius fe=
gmearum erit latus decagoni cjufdem circuli,

Prer. X.

83 in cireulo ABCE pemtagonum aquilaterum
ABCDE defcribatur 5 pentagoms latus AB poteft
& bexagon lags ¥B, & decagons lasus’ AH, in
codem civeulo defcriptorum. .

Duc diametrum AG. Bifeca arcum AH in K.
Et duc K, FH, FIBH, HM, a3z &

Semicirc. AG —arc. AC 2=AG —AD, } ;;‘ &
hoc eft,arc. CG=GD *=AH=HB. ergd 5,
arc. BCG:= 2 BHK; < adedque ang. BFG=132 c 33. 6.
BEFK. ¢ fed ang. BFG = 2 BAG. ¢#1go ang, d 20.3-
BFK = BAG. Trigona igitur BEM, FARf 2 § |, *7 ©°
quiangula funt, § quare AB.BF :: BF.BM. ; ¢

-Bergd AB x BM = BFq. Rurfusang. AFK k= ﬁ 17. 6,
HFK; & FA—FH;=quare AL=LH,=& k 27. 3. -/
anguli FL.4, FLH paresac proinde re&ti funt, ™ ‘?'3 :
ers6 anz. LHM @ =LAM o =HBA. Trigow g .7 1
paiztwuc 4HB, /MH ° :;;uiangula funt,Pqua- p 4, 6
¢ 2
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916 re 4B, AH:: AH. AM dergd ABx AM=
£33, AHq. Quum igitur 4Bqr=ABxBM. 4B
1.4 xAM, ait 4Bg=BFq+.4Hq. Q/E. 2%

(oroll.

1. Hinc, linea re&a, ( FK% qua excentro
( F ) arcum quempiam ( H.A ) bifecat, etiam
re@am ( HA‘S“ illi arcui fubtenfam bifecat,ad
angulos reQos, . . -

2, Diamerer cirali ( AG ) ex angulo quo-
vis(4) pentagani du@abifecat & arcum(CD),
quem pentagoni ifli angulo oppoitum {ul

. tendit, 9¢ latus ipjum ( CD ) oppolitum, idque
ad angulos reQos. -

* Schol. .
Hjc, ut peomifimus, praxim trademws expedita®®
problemati gg.f.. b S

- . Droblema.

. Invewire latws pentagoni circule ADB inferi
Py pentagoni civcule 3fcrie

» Due diametrum .4B. cui perpendicularem

.
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CD cx centro C erige. Bifeca CB in B, Fac
EF=ED. Erit DF pentagoni latus.
"~ _Nam BFx FC +ECq.* =EFq®*=—EDq 3 6.3.
¢=DCq+ECqdergd BF x FC =DCq; #e 2 "'-"l"
BCq. ¢ quare BF. BC :: BC, FC. ergd quum 4 ‘37_'“'.
‘BC fit latus hexagoni, € efit FC latus decage- ¢ 17. 6.
nj. proiride DF 2=,/ BCq 4 FCq,8cftlatus  v. 13.
pentagoni. Q. B.F. , © g0

R 47 10
3 PROP- XI‘.

Si in cireuwls

ABCD rationalisz

babente diametium

AG, pentagonier a-
“quilaterii ABCDE :
defirsbatury pentaze~ - L
B latus AR irraiin-

nalis cft linea , que
, vosatur mingr, P
‘ C & e diametrum :
BFH, reisque AC, AW, & * fac FL =} ra- * 10 6
dii FH; & CM=1CA. : :

Ob angulos AKF, A1C2 relos, & commu- 3 ro¥ 16 13

nen CAIL wrigona AKF, AIC? 2quiangula & 32. 1.
funt; cergd CL.FK<:: CA.FA(FB)d:: ¢4 6
CM. FL. ergd permwando FK.FL i CI. 4 55
CMd::CD.CK(2CM). ccomponendo e 18. 5.
igitur CD+CK.CK :: KL.FL. f proinde f 2: 6.
Q: CD+EK. (85 CKq ). "CKq::KLgq. g 1. 13.
FL3. ergd KLq=1+5 FLq. Traquc fi BH (5 )

ponatur 8,erit FH, 45 FL.1,& FLq.1.BL,

5. & BLg, 25. KLq, 5. ¢ quibus liquer BL,

& KL cﬂeﬁ"'l}. kjdedque:BK effe Apoto- h 9. 10,
men 3 cujus congruens KL ciim verd BLq — {‘ AN
KLq= 30,'erit BL ‘Tl / BLy—KLq. mun- .70 0% &
de BK erit apotome quarta. Quoniam igitur & 17 6.
ABq "= HPBxBK, o erit AB minor. Q. E. D 5 44, 100
‘ e - Eeg - Proe.




318,  EUCLIDIS Elimentorsisii

Pror. XIIL
Siin cironle ABEC
ianguinm  equilete-
rum ABC defcribatar,
« trianguli laus AB po-
. tewiia triplum off ejus
linee AD, exD
c 20y que
centye civculs ducituy.
Protraltd diametre
ad B, duc BE. Quo-
roa3 niam arcus BR 1 =
3 6m I g€, arcus BE fexra oft pars cirdumferentiz.,
b cor. 15.4.  ergd BE = DE, hinc AEq.c=4 DEq (4
€43 BEQ) 4= ABq.—+ BEq (< ADqg). ¢ proin-
d47.5. g ABq=3 ADq. QE.D. o

€ 3.4z 1o
Corall,

.‘x. AEq. ABq:: 4. 3.
2. ABq. AFq:: 4.3.  Nam ABq. AFq:

fer. 8 6

. 6. AEq. ABq.
ﬁ‘:;. 6:;. 4, 3? DF = FE. Nam triang. EBD ¢ zquilz-
h cor3.3. terum eft;d & BF ad ED perpendicularist ergé
EF=FD. ° :
4. Hinc AF=DE + DF = 3 DF,

Prop. XIIIL

A

Pyramidem EGFY conflituew, ¢ datd [phari
tompzﬂis & demonfirare quid ’/Hmc MX;




- Liber X1I1Y . 319
AB petentii fit [efquialtesa latérig EF ip/us
mmﬁu EGFI. ! bl -

Circa AB defcribe femicirculum ADB.
® sitque AC = 2 CB. ex pun@o C erige per- , 106, )
pendicularem CD; & junge AD, DB. Tum
radio HE = CD defcribe circulum HEFG;

- eui ® infcribe triangulum zquilatecum EFG. b cor. 15, 40
ex H ¢crige IH= CA reGtum plano EFG. c 12.11.
produc 1H ad K 5 4itd ut IK — AB, re®isque d 3. 1.
adjunge 1E, 1F , IG. erit EFGI pyramis expe- :
tita. .

Nam quia snguli ACD, THE , IHF, THG
e re&ifunt; & CD, HE, HF;HG ¢ pares, ¢atg; , confl.
IH = AC;ferunt AD, IE, IF, 1G zqualesin- f 41 s.

- ser fe. Quiavere AC. (2 CB) CBs:r ACq. g 20.6.

€Dq, erit ACq= 3, CDq, itaque A®q f=

- ACq4CDqt=3CDg=3 HEq*x=LEFq. h 2. ax.

lergs AD, EF, 1E, IF, IG pares {unt, ade=k 1223

6que pyramis EF61 eft zquifater_a. Quod fil Bes b

pan&um C fuper H coilocetur , & AC fuper

HI, re@z AB, TH =congruent, utpote 2qua- y 3, 4z.

les. quare femicirculus ADB axi AB, vel IK

circumdutus ®aranfibit per pun@a, E, F, Gy 5 15, def 1.

* adeSque pyramis EFGI iphaer2 inlcripta erit, * 31, def.xx.

liq.u;t vero effe BAq. ADq ® ::BA, ACP::o cor.8 6
© 3.2, QED. . p confir,
' Corollavia. . )
1. ABq. HEq:t 9. 2. Nam £ ABqponatur
9, etit ACq (EFq) 6, aproinde HEqerit 2. q 12,135 ;
2. AB.LC:: 6, 1. Nam i AB ponatur 6 )
:—?’t AL, 3;* idedque AC 4; quare LCeerit 1) ¢ constr; =
inc - '
3.-AB. HI::6.4:: 372, unde
4. 4Bq. Hlq:: 9.4,

Ee 4 Pror,

~
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Pror. XIV,)
L - Octaedvum K-
: BFGDL coafli-
' G tutve , & datd
1 [pbard complelti,
“oqud & pyrami-
| dets & demon-
- Prate, quid phe~
L 74 diameter AH
N~ . poténtia fir dupla
K lateris AC ipfius
’ © O aedri,
Cirtca AR defcribe femicircalum #CH, ex
" centro B erige perpendicularem BC. duc 4C,
a 46.1.  HC, Super ED = AC? fac quadraum EFGD,
cujus diametri DF, EG fecantes in centro I. ex
bz, 1ducIL =4B" reftam plano EFGD. produe
€ 3.1 1L, ¢ donec JK =1L, Connexis KE, KF,
© '~ KG,KD,LELF,LG,LD; erit KEFGDL
&acdrum quafitum, :
Nam 48, BH, FI, IB, &c. 2qualium qua-
dratorum femidlametri zquales {une inter fe.
4 quare triangulorum reangulorm LIE,LIF,
FIE, &c. bales LF, LE, FE; &c, ®quantuc,
roinde o&o triangula LFE, LFG, LGD,
g‘DE, KEF, KFG, KGD, KDZ& zquilatera
¢ 17, def11. funt, € atque otaedrum conftituunt, quod :th-
12 cujus centrum I, radius IL, vel 4B inlcribi
conffr, oteft. (quoniam AB, IL, IF, IK, &c. f2qua-
¢s funt) Q.E. F. porrd, liquer 4Hq. (Liq)
£47. 1.  8=24Cq(2LDj). QE.D,
Corellaria.
1. Hinc manifeftum eft, in O&aedro tres
h diametros EG, FD, LK fec mutud ad angulos
rectos fecare in centre {pher,
2, ITtem,tria plana EFGD, LEKG, LFKD
efle quadrata, (¢ mutud ad angulos re&os fe-

-- atia,
3. O&an

d 4t
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3. Ofaedram dividitur in duas pyramils
fimiles & zquales EFGDL, & EFGDK, qua-
rum bafis communis ¢t quadratum EFGD.

4. Denique , bafes o&aodri oppofita inter ¢ 15. 18y;
perallele funt. . . .
Pror. XV

d © Cubuwvn EF-

M u GHIKLM.

H conftitmvey &

[phara comple~

i, qui ¢

priores fienr.eey *
E F & demnfliaiey.

quod [phaie

’ diamticr +AB-
- porentid Pt tvip'alateria EF ipfius cubi. |
*  Supet AB defcribe femicirculum A4C8 ;5 &
¥fac AB=3 DA. ex D erjge perpendicularem a 10 6:.
DC, & juage BCac AC. Tum faps EF = .
£C ® conftrue quadratum EFGH; cojws planob 46 n
 re@ez infiftant EI; FK, HM. GLipti EF pz-
res, quas conne@e retis 1K, KL, LM IM. So0-
lidum EFGHIKLM cubus eft, ut {atis conitat:
ex conftrultione. - o
In quadratis oppofitis EFKI, HGLM dnc:
diamcm?( EK, F1, HL, MG, perquasducth:
plana EKLH , FIMG fe insetfecent in reéta:
NO. Hzc diametroscubi EL, FM, GI, HK!
< bifecabitin P, centro cubi. 4 ergd- P centrum ¢ ¢or: 39 vv1
erit fphere per pun&ta cubi-angularis tranfeun- ‘ér:‘ d’{}f o
tis. Porrd ELq e=BKq . KLge=3 KLy, . 474;". o
fvel 3 AGq. atqui ABg. ACq 3:: BA, DA fcampé
f::3.3. bergd AB=EL. Quare cubum feci- § cer. 8. 6%
mus,} &c. Q.E. F.. - b
Lorell.. :
1. \Hine, omnes diametri cubi inter f¢ wqua—-
Jes funt; feséque mutud in centro (pheera bife—- -
<ant. Eidémque ratione re@z quz quadrato-
T§n &poﬁtoyumemra-con}gngunt, bifecantue
nsdem cenng,.  Bep 2-Diax

~
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k 47.1¢

113,13,
m 1. 13,

a m. 4

EV CLIDIS Elementoram
_ 2. Diamerer (phaerae poteft latus tetraedsi, &
¢ubi, nempe ABq*=!BCq"ACq.
Pror. X VI T

" Teofdedrum ZGHIK F-
YVXRST conflituere ,
& [poard completbi, qud
& antedilias figuras o &
demonfivare , quid icofa= -
edri latus BG irrationalss
ef} Linca, que vocatur mi-
nor..

Super AB diametrum:
fphare defcribe femicir-
culum ADB; & facAB.
= § BC, ex C erige
normalem: €D, & duc
AD, ac BD. Ad inter-
vallum EF = BD do- |

Suibe cigeul@d EEANG)




bcuj inferibe pentagonum 2quilaterum FKTHG b 11 4
pifeca arcus FG, GH &c. ac conneie reftas
FL, LG, &c. latera nempe decagoni. Tunc
cerige BQ, LR, MS, N7, OV, PX ipfi LF ¢ 12 11,
aquales, re€tasque plano FKNG. & connefic
. RS,ST, TV, VX, XR; iten FX, FR, GK,
GS, HS, ST,HT, IT, IV, KV, KX. De-
nique productd EQqume QY=FEL; &EZ
= FL; re&asqueduciconcipe 2G, ZH, Z1,
ZK,ZF;ac YV, YX, YR, ¥S, YT. Dico fas
&tum, o .
Nimob EQ, LR,MS,NT, OV,PX ¢ z- d canfir
quales © & parallaps; etiam qua ilias jungunt, € 6 14+
EL, QR, EM,QS,EN,QT, EO, QV,ED,
Q& f pares & parallele {unt, Itemideo LM € 33.1.
(vel FGJ, RS, MN, ST, &@=quales fun in-
ter fe. $ergod planum ‘per EL, EM &c. plaiio g yg, 1.2 ) -
pr QR, QS, &c. zquidiftans, b & circulus h 1. def 504
QXRSTV ¢centro Q, circuloEPLMNO a-
qualis efl;atque RST VX ¢ft pentagonum euis
laterum. Daci verd intelleQlis EF, EG, B, .
&c. ac Qx, QR, Q5, &:, quia FRQ == 4. 1.
FLq —+ LRq!w«lLEq»=FGq,"crunt FR,Tea fir.
FG. adedqu: omnes RS, FG, FR,RG, G5, o 1
GH, &c. zquales inter fe. Proinde 10trianzu- '&{‘_ ;,: o
Ia RFX, REG, RGS, &, zquilaterafunt &
zqualia. Rurfus obang. XQY° re@um , crit 0 ¢or. :.11
XYq P= Qxq «+ . QYq ¢ = VXq vel FG. P 47 :3
quare XY, VX, hisque fimiliter YV, YT, YS, 4 113
YR, ZG, ZH, &c. zquantur: Ergoalia de-
cem trigona conflituta funt zquilatera, & x-
qualia tam fibi matuo, quim decem prizribuss,’
ac proinde faCtum eft Icofaedrum.
Porro, bife@i EQin a,duc rettus«F, aX,
V3 & proprer QX '==QV, & commune latus ¢ 1, 4ef 1.
«Q, angulosg; EQX, EQVretos; Cerit -aX = { 4.1,
aV, fimilique argumneato omnes, aX, ak, 25,
aX, aV, aF, «G; aH, aI, aK zquan:ar.

Quor |
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t9.13. Quoniam autem ZQ, QE * : : QE, ZF, erir
. i 3 Z1q =5 E2q*=EQq(EFq)—+Eaqr= «Fq,
y 47.1. 180 Z2 = aF, pari patto oF = Ya. ergo
fg 2ra, cujus Centrum e« radius «F per 12 pun-
a icofaedri angularia transibit, ’ .

z 15. 5. Denique, quia Zz.2E: : ZY. QE; * idedq;
2 :":' Zaq, 2Eq :: ZYq QEq. b erit ZYq=3y
p Eq,vel s BDq=:atjui ABq; BDq¢:: AB
dsax1, BC:ig.1.dergo ZY=AB. Q.E.F. .

e fih.12.10, Ttaque i AB ponatur j,¢erit EF=4/ ABq
f11,13.  etiam {3 proinde FG pentagoni, idémque Ico-

faedri § latus, ® eft minor. Q. B/D.

]
(oroll..

1. Ex dittisjnfertur, (plizez diametrud® effe.
Fotcmii uint®Plum femidiametri circuli quingg

atera icofaedri ambientis, .
2, Item manifeffum. eft; {phare diametrum
effe compofitam- ex latere hexagoni, hoc eft, ex
. femidiametro, & duobus lateribus decagoni cic-

¢uli ambientis quinque latera icofaedri.
3. Conftat denique latera icofaedri oppofica,,
23%:r qualiafunt Rx,HI effe parallels, Nam RX* pa-

> [¢0. 36, 3 tall, LP. bparal L HL,.~ & " 77

e

g

Prop]




@~ P—geny

Liber ‘X 1L 32%
Pzror. XVIL

[«3 A

Dodecaedrum conflitncre, & [Yberd complelti,
qui & pradidtas figuras; & demonflrare, quod
dodecaedri Latus RS irvationalis eft linea, que voca-
tur aPotome. , :

Sit ABcubus datz [phera infcriptus, cujus
latera omnia bifecentur in punétis E,H, F, G,

- K, L, &c. refteque adjungantur KL , MH,

HG, EF, 2 Fac HL.IQ:: IQ.QH; & fumea 35.¢,
NO, NP pares ipfi IQ, Erige OR, PS retas -

plano DB, & QT plano AC, sintque OR,, DS,

QT ipfis IQ,NO,NP zquales. Connexis DR, .
RS,SC,CT, DT, erit DRSCT pentagonum
Dodecaedri experiti. Nam duc, NV paralT.OR,

- & protrad NV ad occurfum cum cubi centro

%, connecte retas DS, DO, DP, CR, CP, 1 47 *-

HV,HT,RX. Quia DOq*=DKQ (*KNy) / 7.5 ™

~p KOy <=3 ONj(3 ORq) 4 cric DRyd 347. I,
B& =4
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€ 43 = 4 ORq¢=OPq, vel RSq. ergé DR =RS. -
Simili argumento DR,RS, SC,CT, TP pa-
f conflr. 9.6. res funt, Quia verd OR = 8 & parall. PS,
. - 8 ecront RS, OP, & *confequenter RS, DC et~
Bt jam clz; ® ergd hz cum fuis conjungqnti-
K ;‘_ 11, bus DK,CS, VH in uno {unc plano. quinetiam
kesfr.  quia HL IQ *:: IQ (TQ).QH*:: HN.
'Y NV; &tam TQ, HN, quim QH, NV k re-
1615 &zeidem plano, ! adedq; & parallelz exiftant,
m 33.6. " =y THV re@a linea, = ergé Trapezium
pot. & 31 pRST, & triang, DTS in uno {unt-piano per
retas DC, TV extenfo. ergd DTCSR eft
pentagonum, & quidem =quilaterum ex antedi-
oS- 13 *@&is, Porro,quiaPK. KN :: KN. Np; &
p 7'  DSqr=DPq—PSg (PNQ)=r DKq+PKq
q r.axn 4 NPq, 1eritDSq=DKq+3 KNq=4DKq
& 4.13. (4 DHq )r=DCq.ergéd DS =DC; unde tri-
r 4.3  gona DKS, DCT fibi mutué @quilatera funt.
f8.1. Tergd ang. DRS=DTC; & eodem patoang,
CSR = DCT. ergd pentagonum DTCSR
ctiam zquiangulum eft. Ad hzc, quia AX,DX,
v 15,33 CX &c. funt cubi femidiametri, ferit XN =
s, TH,vel KN, %dedq; XV = KP,unde ob angu-
x 29.1.  lum*reQum RVY, 2 trit RXq==XVq +RVq,
4.1 (NPq) = KPq + NPq*=3 KNg*=
a+I% . Axq,vel Dxq &e. ergd RX, AX, DX, & ea-
313 " dem ratione XS, XT, AX ®quales funt inter fe.
Et fi cidem methodo, qui confirutum eft pen-
tagonum DT CSR, fabricentur 123 firgilia pen-
. tagona tangentia duodecim cubsi latera, ea Do
decaedrum conftituents ac per corum puna an-
gularia transiens {phra,cujus radius AX,uel RX
Dodecaedrum comple@tetnr. Q, B. F.
c confir. Denique, quia KN.NO ¢: : NO, OK,4
d 1s.5.  erit KL, OP 7: OP, OK - PL. Traquefi
f,-f'ci l’:'w fphxrz diameter AB ponarur $, erit KL ¢ =/
. 3 . f I3 & *
g¢€13  ABfeaiams. sunde OP, vel RS latus dodecas
T3 edriapozome erit. Q.E.D..
' . Cordll.
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" Conell. '

1. Hine, i atus cubi fecerur’ extrema /ac mea

dia ratione, majus {egmentum erit Jatus dodeta=

edri in eadem fphaera deferipti. y
2. Sire@alinex fe&a extremd ac medil ra.

tione, minus fegmentum it latus dodecaedri,ma-

jus fegmentum erit latus cubi cjuldem (pharz.
3. Liquet etiam latus cubi zquale effe linez

refte [ubtendenti angulum pentagoni dodecac-

i cidem fphed comprehent, : .

Pror. RVIIL
Lattva qumg;
G figurarum ex~
ponere, & in*
ter fe compaya-

re,
Sit AB dia-
meter {phara,

.ac AEB femi-
drculus, sitq; -
AC*=}ABa .1
& AD b=1b 1e.6.

' ] AB.Erige per-

A XD 1 . p pendiculares

’ < CE, DF, &

BG = AB.junge AF, AE,BE, BF,CG.cx H

demitte perpendicularem HI, & fumptd CK =
CI,ex K erige perpendicularem KL , & conme- |
&te AL. Deniquec fac AF.AO::AO.OF .. ‘
Traque 3.24:: AB. BD¢:: ABq. BFq,la. confr
tos Tetraedri. & 2.1::*ABAC: : ABg.BEq, _“.°

£atus OQaedri. e cor 8. G

Teem 3. 1. 4 :: AB. AD ¢:: ABq. AFq. o ’l’; '133
8 latus Hexaedri: . b confir.
gal:l:d quia AE.AQ b AGL QF. kAC,thvk coragei3s
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1 4.6.
m 14.5.
n conjir.
0 4 3.
P 47-1.
°q 15. 9.

E UCLIDIS Elemtntorum

- AO latus Dodecaedri.. denique BG- (2 BC)~
BC!::HL IC, mergd HI= 2CI =K «
ergd Hlq © = 4 Clq. proinde CHq P =y
Clq.1ergd ABq =5 KIq. r jtaque KI, vel HL

eft radius circuli circumfcribentis pentagonum |

r cor. 16.13, icofaedri, & AK, vel IB ¢ eft latus decagoni ei-

f 10.13.
t 16.°13.

AL RN
K E
?;r?’

dem circulo infcripti, unde AL erit lacus pen-

" tagoni, * idémque Icofaedri fatus. Bx quibus li-

quet BF, BF, AF eflef TJ.. &AL, AO effef.
"g.., atque BF > BE; & BE . AF;ac AF‘:—;
-AO. Quia verd 3 AFq—;ABq" =5 KLq.ac’
AFxAO - AF xOF, *ideoque AF x AO
~+AFXxOFc 2 A€ xQF, ¥ hoceft AFq
22 A0 %erit 3 AFq (s KLg) - 6 AOg.

- proinde KL = AO; & fortiis AL = AO.

Jam verd ue hec latera numeris exprimamus,
81.AB ponatur 4/ 60, erit ex jam di&is ad calcu—
lum exatis.BF =—4/40. & BE =4/ 30. & AF .
= 4/ 20.item AL = 4/: 30— 4/ 180 (nam-

- AK =4 15 =4/ 3. & KL (HI) = 4/ 12)

denique AQ =4/ : 30 — 4/ 5ca(y/ 25. —=
VIS M

. STHOL,
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SCHOL,

Drater jam dictas figuras nullam devi poffe fiped
ram folidam regulavem (sempe qua figuris plans or-
dinatis & aqualibus uxtinwurz admedum perfpi-
o eft. 13331 ad anguli folidi c?nﬁlitutio_ncm .
requituntur ad minimum tres anguli plani; 2 hig; @ 31, 11,
oxgnes fimul 4 re&is minares :ﬁg dzbgnt; b At. b Vid- fibek
qui 6 anguli trigoni 2zquilateri,4 quadratici, &
3 hexagonici ﬁgieihtim 4 reQos exzquant; qua-
tuor verd pentagonici, 3 hepragonici, 3'o&agoni-
ci,8c.4 refos excedunt.ergé folummodo ex 3,4,
vel § triangulis Zquilateris , ex 3 quadratis ;- vel
3 pentagonis effici pote angulus folidus. Pro-
inde prater quinque przdi&a , pulla cxiftete
poflunt corpora regularia,

Ex P. Herigania'.' k

. Proportiones [pbare, & § figurarum regularidm
tidem inferiptarum, . ,

Sit diameter (phaerae :. , Erune -
Area circuli majoris, 6. | 233 18.°
Super'ﬁcies circuli majoris, 3 {14159
Superficies (phare, 12 |56637. )
Soliditas fphzrz, 4 |1879. |

Latus tetraedri, ¥ lizzgg.
' Ff3 Latas



EVCLIDIS Elewsentorsm
Superficics tetraedri, 4 5188,
Soliditas tecraedri, o J 19132,

Eatus hexaedri, 1 &44.
Supetficies hexaedri, 8.
Soﬁdius.heuedri, 1 ‘ig_g&

Latus oftaedri, 1 | 414210

- Superficies o&aedri, 6 L9282,
Soli:iius olaedri, 133333

Latus dodecaedri, 0 | 71364,
Superficies dodecaedri, 10 51462,
§oliditas‘ dodecaedri, 2 .LS’ 16

Latus Icofaedri, 1 &f*"

'Superﬁcies.lcbfaedri, 9 Iﬂ“““ -
Soliditas Icofaedri, 3 | 53615,

-

Lued



 Lia XTIL

- Luid fi ex chartn sonficiantny quinque figure
sequilatere & aquiangule fimiles bis, que [unt in
Jubjeita fgura , compenemisr quingwe figure foli=
d‘f’ Jevite complicentur,

w
-
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Sy n penta-
. goni eidem
circulo infevipti-lates BC
ducitwr perpendicularis
. DF, dimidic ef wtxi-
; ufaue linew flmul, & late-
e e vis hexagoni DE, & late-
wisdetagoni EC eidem civeulo ABC inferipti,
4. 1. -Sime FG=FE, & duc CG. * Eftque CE-
L =CG.erg6 ang. CGE>=CEG® = RCD.
by &  €rgd ang, ECG <= EDC =2 ADC =
LCED (£ ECD). proinde ang. GCD =
ECG=EDC.square DG = GC (CE). er-
g0 DF = CE (DG) +BF = DE « CE. .
Q.B.D. -
« TFror. IIL
o Si bine relie linea
A G B € AB, DE exremia
NTIN medid vatione [ecentut
2 HeF (AB.AG:: AG. G&B.
@& DE. DH :: DH. HE) ipfie fimiliter fecabun-
tur, in eafdem [iilicet propertiones. (AG, GB::

DH. HE.)
Accipe BC = BG; & EF =EH. Eftjue

-]

Rt wAancde
-
°a
"R

oY

: '37,‘ ABxBG *= AGgq. quare ACq = 4 ABG
c 2. ex. t. - AGq.¢ = 5 AGJ. Similiter erit DFq =
d22.5.& ¢ DHaq, dergo AL.AG:: DE. DH, compo-
826, neado igitur AC + AG. AG:; DF - DH.

- DH.
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DH. hoceft 2 AB. AG :: 21 DE. DH. ¢pro- ¢ 22.5.
inde AB. AG ::-DE. DH. unde f dividendo € 17-5
AG.GB :: DH:HE. QE.D.

’ Pror. IIL A
| A L ‘
.B E'a;:
MN '
i CD»‘
i ™ o t 8
! . : ) 2 .
. o T

- dem civclms ABD comprehendit & Dodecae-

dvi pentagonum ABCDE , & Icofaedri triangu-

twm LMN, cidem [phara infcriptorum. a febh 47,1,
Duc diametrum AG ,.reQisque AC, CG, b 306

Sitque IK diameter fpherz,* & IKg= 5 OPq, M :7,'

b fiatque OP. OQ_:r OQ. QP. Quiza ACY e t0.13.

+ CGqr=AGq 4= 4 FGy; &ABq*=f2 k3.,

FGq —+ CG% ferit ACq —+ Anz: s EGg. & & 1.

.~ porro, quia CALABE:: AB. CA —AB; ac [ &
OP.0Q_:: OQ. %’ b ide6que €A, OP :: k 22.6.804.5,
AB. OQ_ kerit 3 ACq (11IKq). 5 OPq 11513,
(1Kq) :: 3 ABq. s OQq. ergd 3 ABq—=y-m confir]
OQ?. Verlim ob ML = latus pentagoni circu- 2 - :"‘3‘
lo inferipti, cujus radius OP, erunt 1§ RMgq' P ,oi-x;’I .

*= ¢sMLqP = 5§ OPq =+ § OQ3 =*3'q 1n5:: =

ACq «+ 3 ABq 1= 15 FGq. fergd RM * Prithn.

=FG. fpreinde circ, ABD ::_ci:cr LMN. & 4‘3‘. S

QED. ¥ b

Pror,

..
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b 4r. 1.
e 15.5.
d 6. ax.
€ 17. 3.
£ 41.1.
15, 5.
16, 13¢

LI 3

i

EUCLIDIS Elomestorin

Pror. 1IV.
R

Si ex ¥ centvo civeuls pevtagomum dodecaedri
ABCDE circumfcribentis ducatur perpendicularis
¥G ad pentagoni wmum latns CD; Ervié quod fub
didlo latere CP , ¢ povpendiculari B G compre~
beaditur rveCEangulum trigefies fumptum , icofaedri

[uperficiei aquale. item,

Sk excemere L civculs triangulssn icofaedyi HIK
circumfcribentis , perpendicularis LM ducaiur ad
nial?ali wmum latns TK, erit quod fub ditto late-
re BK 3 & perpendiculars LM somprebenditisy
veStangulum tigefies (wmptunsy icofaedrs fuperficici

" Duc FA,FB,FC,FD,FE, 2 Emunt trian<
gola CED, DFE,EFA, AFB, BEC 2qualia,
i CDXFG »= 2 triang. CFD. ergé 3a

CDxGFez==60 CFD%=12 pentag. ABCDRE'
fuperf. dodecaedri.. Q.B.D. -

Duc L1, LH, LK. éftque HK x LMf=12
triang. LHK. ergd 30 HKxLMs=60 HLK
= »0 HIK* = [uperfic. icofaedri. Q.E.D.,

Corell.”
CDxFG.HKxLM k:: fuperfic.dodecacd. a8

fupect jcolacdri,
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Pror. Vo

i Superficies dodeca=
- edri ad [uperficiem
icofaedyi in eadem
[Phara defripti can-
dem propertisncan ba-
Yetygmam B latus cu-
bi ad AD lainsico-
[aedri. :
Circuflus bAaBCD
+ *circumficribat tam g 2, 100 7
dodecaedri pentago~ B
. Dum, quim icolzedri trisngplum ;. quorum la~
tera BD, AD; ad qua demittantur ex E centro’
perpendiculares EF, E G C. & ‘conneQa-
wmr CD., . .
uoniam EC —+ CD. ECY : EC.CD.crit § 9,13, ?
EG (¢ EC4CD).EF. (41 EC)¢:EF, e ru14. ¥
EG—EF (1 CD).atqui H. BDf::BD.H_, d cor18.13,
BD§ergd H.BD :: EG.EF, proinde HXEF £ 5.5 a3
= BDx EG. quum igtur H.AD»::HxEF. o ,'“Z X
ADxEF, erit H.AD :: BDx EG. ADsEFh 1.6.
:: Luperfic, dedecaedri ad fuperfic, icofaedri. k 7. 5.
QE.D, o ; 1 cor. 4.

U

Prok;




Prop. VI

Sireflalinea AB
fecetur extremd ac
medii ratione 3 erit
ut vecta BF potess
id, quod i tota A
& 1d quod & maye
fugmento AC ad o
fam B, porente®ill

wod & tota AB, &
id qued 2 minors
Segmente BC 3 itz
Gatus cubi BG ad latus icofaedri BK cidem fha-

v cm cubg inferipti., ¢ - ‘

" Circulo; cujus femidiameter AB, infcribantur

_ dodecaedri pentagonum BFGHI, & icofaedri

4 ¢or. 1713, triangulum BKL. * quare BG latus cubi erit ¢i-
b 13,13,  dem Iphzrz infcripti, igiar BKq®=3 ABQ;
c 413 & Eqc=3ACq.crgd BKq. Bq¢:: ABq.ACq
d15.5.  ¢.: BGq. BFq. permatando igitur BGq. BKq ::
€'~ BFq. Bq funde BG.BK:BF.E. Q.E. D.

Proer. VII,

Dedecacdrim eft ad Lcofacdrum, ut cubi latus ad
latus Icofaedri, inwna eadémquz [phara infcripti.
3 3.14. Queniam ? idem circulus comprehendit & do-
decacdri pentagonum & icofaedri triangulum,
b47.1. b erunt perpendiculares i centro fphzra ad pla-
na pentagoni & trianguli dudte inter fc 2qua-
les. iraque fi dodecaedrum & icofacdrum iatel-.
ligantur effe divifa in pyramides , dndtis retis
3 centro fphere ad omnes angulos , omnium -
€ sqs. o pyramidum altitudines erunt inter fe zquales.
<12 Camigitur pyramides 2zqué alez < fintut bafes,
& baperficies dodecaedri fit 2qualis 12 penta-
oflis , fi H AN 9 penta
8Os, luperficies verd icofaedri zo triangulis;
: exix

—
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erit dodecaedrum ad icofaedrum; ut fuperficies
dodecaedri ad (iperficiem icdfaedri, dhoc eft, ut d 5. T4v.
latus cubi ad latus icofaedri, :

Pror. VIIL'
B o 5 Idew circu.
ius BCDE
comyprebendit

E B o et qua-.

1? ¥ drarii BCDR

\ . & offacdyi 1ii-

M ol FGH,

: _ ejnfdem Sphaia.

Sit A diameter {phar2. Quoniam Aq* =3-a 15: 13,
BCq P = 6 Blg; itémgue Aq ¢ = 2 GFq. b 47 1-
4='6 KFq; erit Bl = KF. ¢ ergd ciraulus § }&137
CBED=GFH, QE.D. . L eadds 3

c
D

Gg LIB:




2 471

338

LIB. XV
- Proe, L

P QN diis cxis ABGHDCEER py

VWYX ramidem AGEC defiribere.

¢ %nv ® Ab angulo C duc diametros
»

‘ % CA, C6,CE; Eisque.connelte:
ORI diamerris AG, GE, EA Hz
. omnes inter fe * eequales funt, ue-
pote 2qualium quadratorum diametri. ergd tri-
angulz2 CAG; CGE; CEA, BAG 2quilatera.
funt, ac 2qualia: proinde AGEC eft pyramis,

b 31, dfi sk, quae cubi angulis infifts, eique idcieco binferis

bitur, QE.F,

Tret.




Pror, IL
In data pyramide
ABDC oiadiun
* EGKIFH defcridere.
* Bifeca latera pyra- 4 1o,
midis in pun&is E, I /“
B F,&K, G, H quz2 con-
nefte 12 re@is EF
’ - F b FG,GE &c.Hzom:
nes® zquales fune inter fe. gxoinde 8 trigngula b 4. 1
u

EHTY, THK, &c. zquilatera funt & zqualia,ade.
éque conftituunt ¢ o&aedrum 4 in data pyramide ¢- zy.defns
deferipum, Q. E. F. d.31.dof 11
Proer. IIL
Aj \F
1 : o
Ky : : .
) . \E: .
N c7¢ |.
X |o.
- €\ H

1 datotwe CHGBDEFA olfacdram~
NPQSOR  defevibere.
- ‘Conne&e quadrateram*centra N,P;Q, 5,0, # 854,
R, 12 reftis NP, PQ, QS &c. quz * zqualia 4 4, 1,.
funt inter (e, idedque § triangula efficiunt zqui- :
latera & zqualia. proinde binfaiptum cft cubo § 34, sraga
¥ Ofaedrum NPQSOR.. Q.E.F, defoasg.
' Gga  Fro®y.
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Prop. 1V,

B2 . Indatg Octaedro AB-
_ CDEF cMwm inferibere.
Latera pyramidis E-
P ABGD , cujus bafis
- quadrgtum ABCD, bi-
fecentur re@is LM,MN

- NO,OLsquae * 2qua-

b e les funt, vparallcle la. -
‘ teribus quadrari ABCD-
€ p.def. i B 6 quadrilaterum L-

cer
MNO- eft quadratum.
Bodem modo, fi latera
F qudzati LMNO bife-
centur in punétis G; H, K, I, & conne&tantur
GH,HK KIIG erit GHKI quadratum. Quod
fi cadem arte in reliquis.§ pyramidibus oftaedri.
centra triangulorum reftis conjungantur, defcri-
bentur- quadrata imilia & aqualia quadrato.
GHKTI. quare fex hujufmodi quadrata cubum.
* conftitnent, qui quidem intra oftaedrum defcri-
d:33, defi 11 prus erit , 4cum oo ejus anguli tangant olto:
- eftacdri bales in catam gentris. QU E. Es.

Tror;
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Tadate Icofsedro Offaedrum inferibere,

_ Sit ABCDEBF pyramis Tcofaedri § cujus
Bafis pentagonum ABCDE ; centra autem tri- * §. 4
angulorum, G, H, I,K,L; qux con-
nct&antut re&is GH, HI, IK, KL, LG.
Ecr;:h ‘GHIKL pentagonum dodecaedri. infcri-

Nam re&2z FM, EN, FO, FP, FQ ~
.per cenfra criangulorum _ tranfeuntes ? bife- , . 5, 3,
cant bales. ® ergo retx MN, NO, OP,, , .

PQ, QM: zquales funt inter fe. quinetiam
FM, EN, FO, FP, EQ_ - pares funt.c ;
4 ergd anguli MEN , NFO, oyp,d* :
PFQ , QFM zquantur, pentagonum igi- 4 & 1+
wr GHIKL. zquiangulum ieft; ¢proinde & .
xquilaterum, cim FG, FH, FI, FK,FLf pares £ 13,13
fint. Quod fi eAdem arte in reliquis undecim
pyramidibus icofaedri, centra triarfgulorum re-
(s lineis conpe@antur, defcribentur pentagona
zqualia & fimjlia pentagono GHIKL. quam=
obpem 12 hu;ufmodi pentagona dodecaedrum.

G g3 coallis-
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conflituent; qued quidem in icofgedro erit de-
fcriptum, cim vigint] anguli dodecaedriin cen-
tris viginti bafium icofsedti confiftant. Qua-
propter in dato icofaedro dodecaedrum defcriphi--
mus. QE. Eo

-
L J

FINIS.




