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6 feceates ) tantum me debere'reputo,
i quantum homo hoinini debere po-
I r),-,,‘t 6.3 tet. Med enim fententid, vltra in—
cerum amorem non eft quod qupxam d= alio-
bene mereri poffie. Hunc autem jamdiu eft quo’
ex {ingulari veftrd bonitate mihi indulturn expe-

riot e,usque fenfus intimis animi medullis in-

hxrens ipi- ardens ftudium impreffic, quovis.
honefto modo reciprocos. affectus prodenm )
Quandoquidem vero ea fortunarum mearum te-

nuitas, ea ve(trarum amplitudo exiftit, ut nec

ego alid qui gratx alicujus agnitionis fignifi--

catione utt queam , nec vos aliam admittere ve-
litis, eapropter haud illibenter hanc occafioneia.
arripio , honoris & benevolentixz , quibus ves.
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e U_\’%\"wnquc veftrim ( Optimi Adole-
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Epiftolz “Dedicatoria.
profequor , publicum hoc & durabile pmussuses
edendr  Etfi cim oblati anathematis exilicatem,
& libellum veftris nominibus confecratum, quim
is longe infra veftrorum meritorum dignitatem

tubfidar, attentiis confidero, timor fubindé ali- |

quis & dubitatio animum inceflant, né hoc ftu- !

dium erga vos meum vobis dehoneftamento fit

~potilis, quim ornamento ; {cilicet memor ciim

{im, ut malz caufz, fic & mali libri patrocinium
in patroni contumeliam magis quim in gloriam
cedere. Sed quum vetrarum virtutum id robur,
eam fore foliditatem recognofcerem, qua ve-
ftrum decus, meo quantumvis labefadtato, in-
concuffum fuftinere poflint, idcirco non dubita-
vt vos in aliquatenus commune mecum pericu-
lam induere. Virtutes illas intelligo, quibus ne-
mo unquam in veftra xtate , aut in veftro ordi-
ne, faltem me judice, majores deprehendit, qua
vos infigniter gratos omnibus & amabiles red-
dunt, eximiam modeftiam, fobrietacem, benigni~
tatem animi, morum comitatem , prudentiam,
magnanimitatern, fidem; praclaram infuper in-
genii indolem, quzx.vos ad omnem ingenuam
fcientiam non tantiim excellenti captu, fed &
appetitu forti ac fincero inftruxic. Quas veftras
p-xclarifiimas dotes prout nemo eft fortafiis,
qui me melilis novit , aut pro confuetudine,
quam jamdudum vobifcum dulciflimam cohiffe

. ex veftro favore mihi contigit, penititis introfpe-

xerit, itd nemo eft, qui impenfits miratur, & fu-
fpicit; aut qui ipfas libentitis praedicare, ac bcele-
‘ ’ rare
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Epiftola @c&é@rinf

brare vellet, fi non citm eloquiiinei vives: fper- -

gredereatur, tum etiam que in fingulis vobis -
lucent, prolixi alicujus commentarii, aut panegy-
ricee orationis libertatem, potits quim pratitu-
tas hujufmodi falutationibus angofhias, expofce-
rent, Quin potills divinam clementiam imploro,.

ut vos earundem virtutum fancto tramitiinfifte-

re, atque hosegregios fru&tus verna veftrz xta-
tis felicibus incrementis matarefcere concedat;
vitamque vobis in hoc feculo ingenuam , innc-

centem, jucundam , & in futuro beatamreic fem--

piternam tranfigere largiatur. Minime autem
dubito , né pro confueto veftro in me candor-,,
hoc ultimum fortaflis, quod vobis praftare pc-
tero , benevolentiz erga vos & obfervantiz te-

ftimonium , alacriter accepturi fitis, quod vobis’

propenfiifimo affeGu offert

Veftri in aternnm amantifimus,
. & dbfervanti/fimus,
I. B.
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YL quid in kac elemensorum
}, editione praftitum fit, [cire
\JA defideras, amice Leftor, av~
-BEWR) cipe, pro gemio operss, brevi-
ter. eAd dwes pracipue fmes conatus
wmieos divexi. Primum nt cum requifta
perfpicnitase [ummam demonfirationsm
brevitmom conjungerems, qué eam li-
bi? melem compararem , gue mﬂquﬁ
abfque moleftia circamferri poffes. 1
quZJ aﬂ"emtﬁvidear, .j?f‘ﬁntem Typo~
£rapks cura won frufbretuy. Concinning
exim guifpiam mcliori ingenio , aut man
jori peritia excellens, as nemo forfan bre-
vins plerasqne prc{:oﬁriones desmonf}ri-
werit , prefertim cum in numero G ore
dine propofitionum ipfe wihil smmusi~
rim , mec licentiam mibi affumpfevim
auamcungue  propefitionems Enclideam
procul ablegandi tanguam minss neoef~
Jariam, axt quafdam faciliores in Axio~
msatwum cenfums veferends , quad monnwlls
fecernnt; inter quos peritiffimus Geome-
tra A. Tuacquetis C guem sdeo etiam
womino , (quod guadam ex to defumpta
agnofcere honefinm duce ) pofy cujws e~
gamiffimam editionews, ipfe nikil atten-
tare
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Ad Le&orem.

* vare voluiflem, f won vifum: fuifler de-
&iffimo viro mon mifi ofte Kuclidis lsbres
(%4 csra adornasos publico” communica-
re, reliquis [eptems , tangmam ad ele-
‘menta Geometria minus [peiantibus
“omnino guafi [pretis atqwe- pofthabitiss
“Mibi awtem jam ab initio aliaprovin-
cia demandata fuit , non elementa ’Zeo-
metrie mecuangue pro arbitrio confrsbens
di, versm Euclidem ip/um, eismgwe tos

. tum, quam poffem - breviffime, demon-
Sfrrandi. Qwod enim quasmer Libros (pe-
Clas, [eptimum, oltavum, nowum,: deci=
mum, qhamvis illi ad Geometrie plane
& folide elementa, #t [ex precedentes’,
& duo [ubfequentes, non tam prope per-
tineant , quod tamen ad res Geometric
admodum utiles fint; tam propter Aritin
metice ¢& Geometrie valde propingnam
cognationem, quam ob notitidm commen-
[urabilium G incommenfurabilinm ma-
gritudinum ad figurarsm tam plana-
rum, quam folidarum apprime neceffari-

am , nemo cft ¢ peritioribus Geomesris

gmiignoras. Que vers in tribus wltinis
libris continetnr , § corporwm vegulari-
um nobilis contemplatio., illa non wifs in-
JHrid pretermitti potuss , guando mempe
sllins gratia mofter suxdoms, Plasonice
. familie philofophus, boc elementerum. [y~
fiema wniver(nm condidiffe. perhibersir,:
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Ad Le&orem.

wes tefis eft * Proclus | éie verbss, "O3w * Lib. 2,

I x 7iis oupmdons soyenoiws TIAG- wegs-
siomy T W xauwy.amv AALTOV LAY o=
pd7wy cusaar. Praterea facile in anie
mum indmxi wt opinarer, nemini baruns
S[cientiarum amanti non futurum effe
cords , penes [e habere integrum Encli-
desm-opmu , quale paffim ab omnibus ci~ .
tatur, & celeoratur. Quare nulinm li-
brum, nullimque propofitionem negligere
wvolui earsm, que apnd P. Herigonum
babentur, cujus vefbigiss prefse infiftere
nece[[o babwui, quoniam ejufce lsbri fche-
wmarsfmis maxima ex parte uti ffasutum
erat , quad previderem mibi ad novas
defcribendas tempus mon [uppetere , etfi
wonnunqnam id facere preopti(fem. Ea-
dems de ennfu wee alias plirdsgue quam
Enclideas demonfiratiies adbibere vo-
Ini , [uccintiori formi expre(fas , nifi
forte in 2, & 13,6 parce in 7,8, 9 li-
bris , wbi ab ev nonnibil defleétere opere’
pretium videbatur. Bona igitar fpes eff
Jaltem in bac parte cum noftris confiliss,
txm [Fudioforuns votis aliquo modo fatis-
faltum iri. Nam que adjella [unt in
Scholiss problemata quedam & theore-
mata, five ob [unm frequentcms sfnm ad
naturam elementarem accedentia, five ad
eorum, GKa [equumur, expeditam demon-
[Frasiomem Conduciutin, [en que regmia-
: rum



- Ad Le&oren.

yum pratlice Geometrie quarundam pre-
cipnaram rationes snnuunt ad (wos fontes
relatas, per ea, ut [pevo, libcllus nltra

deftinatam molem magnopere s intume~

Seer.
Alter fcopus, ad grem collincatm eff,

eerum defideriis confulust, qui demon-
[Frationibus [ymbolicis potins quam ver-
balibus delectantur. ~ In quo genere cum
plerigue apnd nos Gulielmi Ougheredi’
Symbolis af[uets fint, ea plerumqane ufur-
pare ‘confultins duximus. Nam qui Eu-
clidem, hic vid tradere ¢ interpretari
aggre[us fit, hattenns, quod ego [ciam,
prater unum P. Herigontum, repertas off
nemo. Cujns viri longe d=E1ifsimi me-
thodus, [ane in multis egregia , Ac ejus
pecnliari propofite admodum accommoda-
ta, deplici tam:n difeltn laborare mibi
vifa eff. Primy, quod cum Propofitio-
num ad unins alicujus theorematis ant .
problematis probatiomems addnttarnm, po-
Jrerior a priori mn femper dependeat ,
guando tamen ille inter fe cobarent,guan-.
do nom, mec ex ordine fingnlarum, nec nllo
atio modo [atis prompte sunotefcere poteff.
unde ob defeltum conjuntionwm, ¢ adje-
ivornm ergo, rurfus, ¢c. now rary dif=
fienlras & dubitandi occafio , prefertim
minds exercitatis, inter legendum oboris
vi[ulent. Deinde fepeevenit, nt pradi-

ta
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Ad LeGtorem.
&a methodus nimis frequenter [uperva~
caneas repotitiones cffugere nequear; &
quibus demonfrationes eft quando pro-
lixe, aliqnando & magis intricate eva-
dunt. Quibus vitiis mofier modus facild
per verborum figmorimguc arbitrariam
mixturaAm medesnrs Atzue bhac de opelle
bujus intentione & metbodo dicta [sffie
ciant. Cetersm qne in landem Mashe-
feos in genere , ant Geometrie ipfius; &
gue de hiforia barum [cientiaram , ide-
oque de Buclide borum elementorum di-
geftore dici poffent, & reliqua bujufmods
eSoTiennd , oui hac placent, apud alios.
snterpretes confulere poteft. Negque nos
angsftias temporis, quad huic opers im~
pendi potwst,mec snterpellationes megorios
rum , nec adiwmentorum ad bac fFudin
apud nos egefiatem, & guadam alia, wt:
liceret pon smmerito, in excufationens 0b-
tendemus, mets [cilices spduiti, né bac
noftra ommibus minks fatisfaciant. Ve-
rum que ingenni Lectoris nfibus elabora-
vimus, eadem in [olidam ipfius cenfure
ac judicio fubmittimns , probauda fi 4=
tilia fibi compererit, fins amnino fecss,
rejicienda, - ' o '

1. B.
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" Ad amicffimum-Vium 7. 8. de
Evc LIDE conuatto
*Evprgucials.

ACtum bene! didicit Laconice loqus
Scnex profundus, & aphorifmos induits

Immenfa dudum margo commeintarii X '

Diazramma circuit minutums itque Infula ‘ ‘

Provlemabreve natabt invafto mari. . y

Sed unda jam detumuit, & gloffa arétior :

Stiingit Theo, :mata : minoris anguli

Lateribus ecce totss Buclides jacers

Inclufus olim velut Homerus in nuce;

Pluteoque farcina modo qui incubuit, levis

. En fit manipulus. Pelle in exigua latet ,

Tngens Mathefis, matris ut in utero Hercules, 1

In glande quercus, vel Ithaca Exrus in pila. |

Nec mole dum decrefcit, ufu fit minor,

Ruin auctior jam cvadit, & cumulating 1

Contvalla prodeft exndita pagina. .

Sic ubcre magis liquor & preffo effluit;

Sic pleniori vafa inundat (anguinis

Torrente cordis Syftole; fic fufins

Procurrit aquor ex Abyla angufbiss

Tamsilli opeiis ars tanta referenda wnice eff
.o BAROVI1ANO nominiy ac [olertie,

Sublimis euge mentis ingeninm potens !

Cui snvinm nil, ardunm cffe nsl folet,

Sic ufque pergas profbero conamine,

Radinisque multum debeat ac abacw: *ibi.

Sic cvefcat indies fevacior [eges,

Simili colonum germine affiduo beaxs.

Spesimen futura meffis hic fiet labor,

Magna'que [ama illuftriabac prelydia,

Juvenss dedst qui tanta, quid dabit fenex?

Ca-, Robothan, C A'NT 4 5,
Coll. Tian, Sew Se6s
' " In
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- In' novam Elementorum
" EUCLIDIS
Editionem,a D.1.5. BARROW,
Collegii SS. TR 1 K. Socio,
' -viro opt. & eruditiffimo

- -+ adornatam.

_ Bra;gm‘ Lettor 1 fi wfpinns anditum eft 1ibi,

Luansus tenella Nix Geometres fiet 5
Lue mille radiis, mille Indit angwiss, .
Totismque puro ducit Enclidem fins :

e Amabis wlirs candidi/fimwm Virsms, . .
Cwiplenanivinm eit indsles, [ed quas tamen
Preclarus ardor mentis wrges Enthee

Er ufque blandss tempeyat caloribus :

"L [uavins nil vivit, & melins nibil.

Is, dum liquentes peltore excutit nives,

Etind:, & indé Spargit, enaliam tibs,

"Lector benigne, & nivibus Geometriam !

? 3 . >



Notarum explicatio,
= zqualitatem. : N )
T majaritatem, . . '
3 minoritarem,

¢ e plas, vel addendum effe; y
= minis, vel fubtrahendum effe. - - -
o~: differentiam vel exceffum item quanti-

tates omnes, quz fequuatur, fubtrahendas | .,
efle, fignis non mutatis, 23
. % nultiplicationem , vel du@um lateris re- 5
- &anguli inaliud latus, A
Jdem denotar conjun@io lLiterarum , ut h
AB= AxB. X
&/ Latus, vel radicem quadrati, vel cubi, &¢. |-

Q. & q quadraum, C. & ¢ cubum.
Q. Q. rationem quadrati numeri ad qua-
... «lpatum numerum. Ji
Reliquas 5 que ubioungue occurvunt, votabulory:s
abbreviationes ipfe Lettor pev fe facilé intelligets ex-
CEPLis bisy Quas LRGN UIIRNS Zeneralis ks, fiwisla-

ois explicandas velinquimu. . :

(CANDIDE LECTOR; Quamvisin bac. edithone atcice

vanda multum apere infm{ﬁmx’ cavers tamen emnind non poti.-
it, 8¢ irveperent codhpdla Quomm Jumma [; fubducas ca
LB QU Kackie &0 impartunitati opevarmy tum qua Autoris m -
wnferiptd valame feflinante exarato debenturs veliqua, fiqua mod 3
veitant, pronoftris libenter agnofcimus. In univerfum tamen, (i
0mRia nobis smputesy non itd multa funt, wt tllovum nes admods.r
pudeat aut ut equus Leltor ea & uni, & bomini difficulter iguoftas

Paucula bec, qua temere aliquoties pagellas [parfim velegenti obiter

occurrebant diligenter adnates velvm.aut f§ placet, calamo emmendis,
Pag.s. lin. 10, pro 2quilaterz lege quadrila. p. 13. L. 6, & 7.

pro T poxe =71 in aliquibus exempl. p. 21.defunt figurapro 2 & 3
Caf. Prop. 24. p. 168. L penuit. pre Aq. l‘z,ge . £ 31q. ladt
L L Lib,

pro AC. LAD, p. 144. ¢ 145 pro Lib.

s b ‘ : yn- ej ¥
1 06kavo bibia ; : pro ==, fed locumanon memings k
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LIB. I
Definitiones.

% Un&um eft cujus pars nulla eft.
d 11 Linea vero longituda
/ latitudinis expers, -
111 Lince autem rermi
B R %4, nifunt puncta.
1V. ReQta linea eft, quz ex 2quo (ua inter-
jacer punéts,
V. Superficies et , quz longitudinem, lati-
tudinémque tantum habet,
V 1. Superficiei autem extrema funt linez,
V I1. Piana fuperficies eft, quz ex zquo fu~ ~
as interjacet lineas. . '
VIIL. Planus verd angulus eft, duarum line~
arum in plano fe mutud tangentium, & non in
dire€tum jacentiii alrerius ad alteram inclinatio.
I X. Cum autem qua angulum continent -

linez, refle fuerint, reQilineus ille angulus ap-

pellatur,
- X. Cumverd re-
{+] &alinea CG fuper
re€tam lineam A B
tonfiftens , ecs qui
funt deinceps angu-
ls CGA, CGB
A B 2quales inter e fece~
G rit, refus cft uterqs
2qualium angulorum, & quz infiftit refta linea
C G, perpendicularis vocatur ¢jus (A B) cui

infiftie,

Not. Cim plures anguli ad unsim puniium: (ut

4d G) exiftunt , defignatur quilibet angulus tribus

litevis o quarum media ad verticem et illins dequo
agitar : wt anguius quem veite CG, AG efficiune
ad paries A vicatnr CGA, vel AGC.

- ‘ B . Obtufus

o

\
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EVCLIDIS Elementoram o

A XL Obtufus "an-

gulus eft , qui reéto

. majoreft, it AC B.

X 11. Acutus vero,

qui minor ¢t recto, ut
ACD.

D  XIII Terminus

c eft, quod alicujus ex-
tremum eft,

X1V, Figura eft , qua fub aliquo, vel ali-
quibus terminis comprehenditur,

XV. Circuluseft figura plana , fub una li-
nea comprehenfa, quz peripheria appellatur, ad
quam ab uno pundto ecorum, quz intra figu-
ram funt pofita, cadentes omnes re@tz linex in~
ter {¢ funt equales, - .

XVI. Hoc ve-

o pun@um centrum.
circuli appellatur,

. X V11, Diame-

G ter antem circuli eft

refta quedam linea

per ¢entrum ducta, &

D ‘ ex utraque parte in

civeuli peripheriam terminata , qua circulum

bifariam fecar, :

X V 111 Semicirculus verd eft figura, que
continetur fub diamerro, & fub ea linea, que de
circuli peripheria aufertur. T

In cicculo EARCD. E eff contium, AC diame;
ter, ABC [emicivculus. .-

X1X. Reé&ilinez figurz funt , que {ub re-
&is lineis continentur,

X X, Trilatere quidem, quz fub tribus,

X X I. Quadrilater verd, quz {ub quatuor, *

" X, X 11 Mulilatere autem, que {ubplu~-

ribus, quim quatuor reQislineis comprehen- -

dustur,

XXIIL Tri-



Liber 1.

XXIIT Tr-
[aterarum autem fi-
gurarum , zquilate-
rum eft trlangulum,
quod tria latera ha~
bet zqualia, ut tri-
angulum A,

!
B

~ X X1V. Xofceles
autem, quod duo tan-
tim zqualia habet la-
tera, ut triangulum B,

X X V. Scale
num verd , quod triz
inzqualia habet lave
ra,uw C. :

- XXVI, Adhzxc
etiam vrilatérarum fi--
Furarum , retangu-
um quidé triangulum
eft , quod reGuman~
A B gulum haber , ug tri-
angulum A, -
XXVIIL Am-
blygonium autem , ‘quol obtufun angulum-
habet, ut B - o

-~

¥

Bz XXVIIL -
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Evcl I1D1S8 Elementornm

gurz xquiagr:ﬁulz fant 3 fi finguli ang

fingulis an

XXVIILOxy-
gonium verd , quo
tres haber acutos an-

ulos, ut C.
Figura, zquiangu=~

laeft, cujus omnes an= -

uli inter fe zquales
unt. Duz vero fi-
uli unius

is alterius fint ®quales. Similiter

de figuris 2quilateris concipe.

B.*——

<

D

X X1X. Quadri~
laterarum autem h-
gurarum , gnadratum
quidem eft, quod &
zquilaterum , & re<
&angulum eft , ut
ABCD.

X X X. Alcerd ves

! ¢& parte longior figu-
ra cit , qua reftangu-

la qyidem , at Z-
quilatera non eft, ut

ABCD..

A
3.
T
A [3)

X X XI. Rhoms=
bus autem, quz 2=
quilatcra, fed re&tan~

gula non cft, utA.

XX XIL



T X X X 11.Rhom-
boides verd , que ad-
verfa & latera, & an-
gulos habens inter fe
2quales, neque 2qui-
latera eft, neque ree
&angula, wt GLMH.

XXXIIL Pre-
ter has autem reliqua
zquilaterz figurz tra-
pezia appellentur 3 ut

- GNDH.
TR
A ; XXXIIIIL Pa-
B rallelz reGte linex

) funt, que ciim in ec+
dem fint plano, & ex utraque paste in infinitum
producantur , in neutram £ibi mutud incidunt,
u A, & B. :
ii
- ™M XX XV. Paral-

lelogrammum  eft fi-
gura quadrilatera,cu-

jus bina oppofita la-

tera funt parallela
G L, feu zquidiftantia, ut
GLHM.
A XXXVI Cim

verd  in parallelo-

grammo A B C D di--
ameter A C dufla fu- |
- erit; duzg; linez EF,

H I, lateribus paral-
3 i elae, fecantes diamc-
D trum in uno eodémq;

punde G, ita ut éarallelogrmmum ab hiice

B3 -paralle~
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EVCLIDIS Elementorum

parallelis in quatuor diftribuatur parallelogram-

ma; appellantur duoilla D G, G B} Ier qua
diameter non tranfit, Complementa; duo vero
reliqua HE, FI, per quz diameter incedit,
circa diametram confifkere dicuntur.

Problema eft , cim proponitur aliquid effici-
endum.

Theorema et, cim projonitur aliquid demorn~

. flrandum. .

Corollarium eft confellavium , qued é fatta
demonfiasione tanquam lucrum aliquod colli=
gitur.

- Lemma eft demonfratio premiffie alicujus , ut
demonfiratio quafiti evadat brevior,

Doftulata.

1. Oftuletur, ut 3 quovis punéto ad quod-
vis punétum reGtam lineam ducere con-
¢edatur. :

2, Etre@am lineam terminatam in continu-

um reéta producere.
3. Item,quovis centro, & intervallo circulum
defcribere.

~ edxiomata.

1, Uz eidem zqualia, & inter {e funt
2zqualia,

ut A= B= C.ergd A=t C, vel ergd
omnes A, B, C zquantur inter fe, :

Nota, (um plures auantitates boc modo conjun-
s inveniasy vi bujus axiomatis primam wltime -
quamlibet earum cuiliber mquari. Ruoin cafu [ape,
brevitatis cansd , ab hos axiomate citando abftine-
mius; etfi vis confecutionss ab eo pendeat.

2, Et fi zqualibus zqualia adje@a funt, tota
funt zqualia,

3. Bt

|
i



NS

I
B

Liber 1.
< 3. Btfi ab zqualibus-zqualia ablata funt,

_ qua relin guumur funt zqualia,

4. Et fi inzqualibus zqualia adjecta fint, to-
ta funt inzqualia,

. Et fiab mz<{uahbus #qualia ablara fint,
rehqua funt inzqualia. '

6. Et quz ejuidem vel zqualium funt dupli-
cia, interfe funt 2qualia; Idem puta de tripli-
cxbus, quadruplxcxbus, &c.

? 2 ejuldem, vel 2qualium funt dimis
dxa, inter {e funt zqualia. Idem concipe de fub-
mphs, fubquadruplis, &c.’

8. Et quz fibi mutno congruunt, ea inter
fe funt equalia.

Hoc axioma in reclis /iam & aﬂydu valet
converfum 5 fed son in ﬁgum, nifi e fomiles
Jueriit,

Caterim; magnitu dines tony w27 dicniny, Gitd~
vuin putes applicate pqr:.bus 5 aquaem vel eins
dem locum accupaits

. Ettotum fui Earte ma;us eft. .

xo. Dux refta linca nun habentunum &
idem {egmentum commune,

11, Duz refe in uno punéto concurrentes,
fi producantur ambz , neceffarié f¢ mutud in
¢o pun&to interfecabunt.

12, Item omnes anguh reti funt inter fc
2quales. S

: ¥

c

1> D
x3.Etfiin duas re&as lineas AD,CBalterare-
&a BA incidés;internos ad caldémq; partes angu-
B4 o8



EVCLIDIS Elewintorim

Jos BAD, ABC duocbusg re&is minores faciat,
duz illz re2 line2 in infinitum produda fibi

mutud incident ad cas partes , wbi funt anguli -

duobus re&is minores,

14. Duz retz linez fpatium non compre-
hendunt, .

1§. Si xjualibus inzqualia adjiciancur ;
erit- totorum exceflus adjunQorum exceflui z-
qualis,

16, Si inzqualibus 2qyalia adjungantur, erit
totorum exceflus exceffui eorum , quz 2 princi-
pio, =qualis. - ’

. 17. Si ab zqualibus inzqualia demantur,
erithreﬁduomm exceflus, exceffui ablatorum -
qualis. :

18. Siab inzfpmlibus zqualia demantur, erit
refiduorum exceflus exceflui totorum 2qualis.

- 19, Omne totum zquale eft omnibus {uis
partibus fimul fumptis.

20, Si totum totius eft duplum, & ablatum

_ ablaci, erit & reliiaxlxum reliqui duplum. Idem

de rcliquis muliiplivibus incelitge.
Citationes insellige [ic.Coim duo numers occuyrunt,
prior defignat propojsionem, pofberior librum. Wt pec
4. 1. intelligitur quarta propofitio primi libri,
atque itd de reliquis. Caterum, ax. axioma, poft.
pofiulatum , def. defimitsonem, [ch. [cbolium , cor.
corollarium denstant, &6,



Liber I. .9
"L1B."L
Pror. I

Uper datd vefld lie
ned terminati A
B, triangulum aquila-
terum ACB confli-

B - jtucre. :
: Centris A & B, ¢o-
J dem intervallo AB,
vel BA # delcribe duos ;3 poft-
1. poft.

circulos fe interfecan- ¢ ;¢ g0
tes in punéto C, ex quo » du¢re@as' CA, CB. d 1. o
Erit AC <= AB ¢=BC 4= AC. * Quare ¢33.d¢f.
triangulum ACB eft zquilaterum. Quod Erat
~ Faciendum, i

D £ E -

Scholtum. - - Ty ;

Eodem modo (uper AB defcribetur triangu-
lum lofceles , i intervalla 2qualium circulo-
rumn majora fumantur, vel minors, quam AB..

Pror. IL A

“\

Ad datym puncium A date veile linie BC
ajualem veitain linzam AG ponere,

Centro C, inwervallo CB ?* defcribe circu- ; i’c,ﬂx
lum CBE." Junge AC. fuper qua © factrian=.q 1. 1
gulum zjuilatcrum ADC. ¢ produc DC ad E. d 3. puk-

Bs ceniro



-~ Tcentro D, fpatio DE, deferibe circulum DEH:
- I’P"‘fz- cujus circumferentiz occurtat DA ¢ protralta
; sA4f G EitAG=CB.
{ 3. 4z, Nam DGf=DE, & D A 8=DQ, quare
. ks df. - AGh=CE*=BC!=AG. QE.F.
p e Pofitio pun&i A, intra vel extrd datam B C,
i cafus variat, fed ubique fimilis eft conftru&io,
; & demonfratio. : .

. 10 EUCLIDIS Elmentorum
i

Schelium,

Poterat AG circino fumi, fed hoc facere gulli
poftulato refponder, ut bene innuit Proclus.

. ) " Prer. IIL

Duabis datis vettis
bineis Ay BC de ma-
] jore BC minoi A a-
cqmlem vectam  lineam
Cen-BB detvabcre.

Ad puntum B*po-
ne retam BD — A,
Circulus centre B,fpa-
b s def tio BD defcriptus au~
o ‘ cnpe.” fuet BE*=BD*= A4=BE. QE. E.

i e . Pror. IV. -

| A_ D

l 3 2.t

C '

| E ‘ =

. " Si dus tyiang'a BAC, BD¥ duo latera BA,

. . AC dushus lateribus ED, DF egualia babeant,
| s ungss: wivigne (hoc et BAED, ¢ AC —,

‘ VF) habeant vero apgulum By angulo D aqua-.

2,

—— e




Ha-asz v, e e e e e o

A W 2T AT

' Lz’!e; 7. - 1w

lem , fub wqualibus veitis lineis contentum, &~ ba-
fim BC bafi BY aqualem babcbunt s eritque tri-
angulum BAC triangulo EDF aquale , ac relia
qui anguli B 5 C veliquis angulis B, F aquales
crint , wteique wtri ue , fub quibus aqualia latera
[ubtenduitur, s LT
Si punftum D pundto A applicetur, & rc&ta
DE ret2 AB fuperponatur, cadet pun&umE -
in B, quia DF* = AB. Item re@a DF cadgt 2 by-
in AC, quiaang. A 3==D. Quinetiam pun- i
&um F pun&oa?:gcoincidet, u%AC = l]))1?.
Ergo rectz EF, BC, ciim eoldem habeant rter-
minos, ® con%rucnt > & proinde 2quales funt. b 14. 3
are triangula BAC, EDF; & anguii B, E;
ftemqs anguli C, F etiam congruunt, & x--
quantur. Quod, erat Demonftrandum,. ™ -

Pror. V.

A Ifofcelinm triangulorum ABC

‘qus ad bafim [int anguli ABC,
ACB inter. fe funt aquales, Bt -
produltis aqualibus veckis lineis.
€ AB,.A Coui fub bafe funt an-
giuli CBD , BCE interfe «—
quales evant. R
Fu vAccipe AF = AD, &a3 1.

.

" Cuoniam in triangulis € brp-

ACD, ABF,funt AB= AC,& AF 4= AD, d confr..
angulisq; A communis,serit ang. ABF= ACD; € 4
&ang. AFB¢=ADC, & bas. BFe=DC; "

item FCf= DB. ergé in tiangulis BF C, f 3 ax.
BDC seritang. FCB, == DBC..Q,E D. Ttem & 4- *
idcc ang. FBC = DCB. atqui ang, ABE b= h pr
ACD. eigd ang. ABC *=ACB., Q. E.D. X3

(orollarium., :
Hinc, Owmne triangulum 2 jvilateram oft

quog; z¢visngulum,. -
- Brow.

junge CD,ac BF, b1 pdT



12 EUVCLIDIS Elementorsm
Proe. VI

8i trianguli A B C duo an-

guli ABC, ACD equales inter

i 2y [e fuerint , &~ ‘b aqualibus an~
« gulis fubtenfa laera AB, AC
aqualia inter fe evunt.

B C Sj fieri poreft , fit utravis
3t BA - CA. ?Facigitur BD...CA, & b duc
1. poft. CD.
funf. g 0 WiangulisDBC, ACB, quia BD < =CA,

. & latus BC commune cft, atqs ang. DBC ¢ =
L ACB, ¢crunt triangula DRC, ACB xzqualia
ax,  inter fc, pars & totum, £ Quod Fieri Nequit,
Loroll
| Hmc Omne triangulum zquiangufum eft
quog; 3qmlatcrum .

Pror. VIL

RAL
Super eadem velta linea AB dudbus eg/'dem 0=
&is lineis AC , BC, dlig dus vefia linew equa~
ls AD,B D utraque uirique (boc eft, AD —
AC, & BD =BC ) non conjlituenta ad aliud
p;m[hun C, aque dind D, ad eafdem partes C,
eofidemaque termines A, B cum dusbus imtio dué'i.;f
veckss lineis babentes.
ag e t. Caf. Sipun&um D faruatur in AC; * lia
quat nonefle AD=AC.
- 2,Csf. Sipunétum D dicatur intrat triangu~
fum ACB, duc C D, & produc BDF,2c BCE.

b or ]am visAD=AC. ergd ang. ADCbh= ACD;

€ fuppefs itam quia BD ¢ = BCyeritang. FDC*= ECD.
CIgoe




“ Liber T - . 13
ergo ang. FDC 4 = ACD, id eft ang. d 5. o5
¥DC ccADC 4Q.F.N. .

3. (4. Sin D cadat extra triangulum ACB,
jungarur CD. .

Rurfus, 2ng, BCD ¢=BDC,& BCD e = ¢, 1,
BDC. fergoang. ACD L. BDC; & proin- f g, ax,
de multd magis ang. BCD €. BDC. Sed erat
ang, BCD = BDC. Quz repugnant; Et-
g9, &c, _ ' -

Pror. VIII R R
A Si duo trivn- B
: gulaABC, DEF
" babuerint duo la-
tera AB, AC
duobus  lateribus
CE F DE,CE DF, -
, trumaue Utriq; @~
qualias habuerint very & bafim BC,bafi EF equa-
lim > amguism A [ub aqualibus vells liness con-
tentum angulo D equalem babchunt. : )

‘Quia BG?*= EF, fi bafis BC fuperponatur a byp.-
bafi EF,illz ® congruent, ergd,ciim AB¢=DE, b 8. ex.
& AC<=DF, cadet pun&um A in D. (nam ¢ byp
in aliud pun&um cadere ncquit, per przceden-
tem) -ergd angulorum A, & IS atera coincia
dunt, 4¢quareanguliilliparesfupt. Q. B. D. g g, 4x.

, Coroll. < . ' '
1.Hinc triangula bi mutuo zquilaters,etiam
mutud * 2quiangula funt, ,

2. Triangula'libi mutud #quilatera ¥y xquan-

tur inter fe.. T

X 4T
Y 4 In

g ProP.
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' Pror. IX,

A Datum angulum vefti-
: linewn BAC bifariam
fecare. .
*Sume AD= AE;
duc DE 3 fuper quﬁ bfac
triang. zquilat, DFE.
Dufta A F angulum
BAC bifecabit.
f F O\ Nanm AD <= aE,
€ B &latus A F commune eft, & baf, DF ¢ = FE.
ds 1. dc:gdang. DAF=EAF. QE F.

(oioll.

Hinc pates quomodo angulus fecari poffit in
2quales partes 4, 8, 16, &c, Singulos nimirum
partes iterum bifecando, - R

Methodus verd reguld & circino angulos fe-
candi in 2quales quotcung;. hactenus Guome-
tras lazuit. ‘

FERED
b .

Pror. X.

C Datam veltom lineam
AB bifwiim fecare.
Super data AB 2 fac
triang, zquilat. ABC,
‘ ¢jus angulum C P bifeca
by & re@3CD. Eademdatam:
L AB bifecabit..
Ao Nam AC ‘=B G,
& latus CD eft commune; &ang. AC.D<=
dan BCD;4ergd AD=BD. Q.E. F. Praxin
_ hujus & pracedentis, conftruttio primz hujus
libii fatis indicat.. ’

Prow,

| ————



Liber I HE
Pror. XL
F Dati veftd lined
AB, & punttoinea
dato C, veltam line-
am CF ad angulos re-
Clos extitare.
3 Accipe hinc in- .
d¢ CD=CE. Su-*> "
A D E B per DE bfactriang. p 4, »,
zquilat. DFE. Du&a FC perpendicularis eft,
: Nam triangula DFC, EFC fibh mutud <2« ¢ ooty
. quilatera funt. 4 ergd ang, DEF=ECF. 43 .
¢ ergd FC perpendicularis eft. Q. E. F. ‘€ 1Q, def,
Praxis tam hujus, quim (¢quentis expeditur
gacillime ope norma. . ’
Pror. XII.
c . Super datam
rectam lineam iz
finitam AB, 3
datg puncio- C
qgod in ea non
AP leamm—eif, perpendicu-
K— E E R larempre‘g?am C-
. - G dedugeve.
Centro € *deferibe circulum, quitfecetda= a 3.0
tam A B in pun@is E & F PbifccaEF in G. b 101,
duéta CG perpendicularis eft. -
* Ducantur enim CE, CR. Ttiangula EGC,
FGC, tibi mutud «zquilatera funt. dergd an- ¢ confir,
© guli EGC, FGC, =quales, & °proindered®i d'8. 1.
. funt, QE.F. - ¢. 10, def.
‘~ ) Pror. XIII .
. cim velty linea AB, fuper :
E‘ A veflan lincam C D»cmﬁﬁfm, ‘
1 B facit- amgulos ABC,, ABD)
. aut duos vecos , aut duobus re-
&is aquales efficier.
€a S

ke




16 EVCLIDIS Elementorums
a 10, defe Sianguli ABC, ABD pares fint, 2 liquer il- ‘
b 1. 1.  los reGoseile; fin inzquales fint, ex B ® excite-
c 19. ax. . tur perpendicularis BE. Quoniam ang. ABC < —
d 3. 4%  Relt.+ ABE;& ang, ABD 4 =Reét.— ABE;
€3 4%  erit ABC+ABD =32 Re. +ABE—ABE = {
2 Re&t. Q_E.D. ‘
Coroll.
1. Hinc, fiunus 2ng, ABD redtus fir, alter
ABC etiam reétus erit; fi hic acutns, ille obru-
{us erit, & contra,
3. Si plures re&z quim una ad idem pun-
&um cidem re# infiftanc, anguli fient duobus
reQis xquales. ‘
. . 3. Duz reft2 invicem fecantes efficiunt an~
| -gulos quatuar retis xquales. /
4- Omnes anguli circa unum pun&um con-
ficuti copficiunt quatuor reos. patet cx Co-
soll. 2, '

Q

Propr. XIV,

| A Si ad dliquam reltam lineam

, . A AB, aque ad ejus punitum B

‘ ) dur reita linea CB, BD 505

! Ead eafdem paites dudke, eos qui |
: nt deinceps ampls ABC,

D ACD dudbus recis aquales fea

‘ : eovint , indircétum evunt inter [ ipfa velie linca |

| CB, BD.

Ioar Si negas, faciant CB, BE umam re&tam. ergo

: : m-“ ang. ABC -+ ABE* = 2Re&. * = ABC

) F- 4% ABD.c Quod Eft ablurdum. .

i Pror. XV, : ‘
; = Si due rella lincm A B

! . CD fe mutuo fecucrint, angu~

\E. los ad vericem CEB, AED )

‘ aguales ipter fe cfficient.
N ) 3 “Nam ang. AEC+ CEB
a1 L \D 3= :2Rc&*=AEC 4 AED.

b 3. ax. _b E-’ga CEB:AED- QE. El - i
Schol. +

l




.,,,
N

. F
Siadaliquam reQam lineam GH , atque ad.
fjus pun&um, A duxz re&z lincz EA, AF non
ad eafdem partes {umptz, angulos ad verticem
D, & B zquales fecerint, iplz re@ linez EA,
AF in direum £ibi invicém erunt. -
Nim2Re®t.=* D A'=B 4 A bergda 13 .
EA, AF fantjn dire®um ibi invicem.Q. E. D, ® 4.t
Schol. 2. :
c Si quatuor re&z linez
« EA, EB,EC, EDab urio ,
kL pun&o E excuntes, angulos | ‘
¢ B oppofitos ad verticem 2qua- .
. Igs inter fe fecerint, erunt
uzlibet duz linex A E,
EB,& CE,ED in 3irc&um pofitz.
Nam quia ang AEC —+ AED « CEB c
DEB* = 4 Re@. crit AEC — AED b= 24 Cn3n
CEB.« DEB=2:Re&. <¢rgo CED, & AEB ,, 3‘-::._6-

(untrez linez, Q. E D. PRTER
Provr. Xv I- ) . ‘
A F Cujufcungue “Trianguli

ABC #no latere BC pro-
dutto , extcrnus angulus
ACD utvolibet interno &
(s qppoij;a CAB,CBA, ma- |
— gor eft. .
Yaen AC, BC sbi-t 155 #
fecent reftz AH, BE, ¢
quijbus produétis bcape EF L
=BB,*& HI=AH, -
- €3 Quo

Conjugantiirg; FC,I,
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¢ conflr. Quoniam CE¢z=E A, &EF<—EB, &

: drs. t. - ang. FEC4=BE A;ceritang. ECF = EAB
\ N Similiargumento ang ICH (FFCD) == ABH.
g 9’.' g ergo totus ACD 3 major eft utrovis CAB , &
; ABC. Q. E. D. :
‘ Paor, XVIIL ,
A Cujufeungue " trianguli
1 ARC duo angels  duobusi
vetis funt minores 5 omir-

faviim fumpts.

' Producator latus BC.

: ' uoniam ang. ACD ..
, ar.: B < D%CB‘:::. ¢@. & ang.
i bt . ACDPcA,ceritA « ACB—12Re&. Ec-
‘ ¢ 4ax demmodo erit ang. B + ACB -1 2 Re&. De-
! . nique produ@o latere AB, erit fimiliter anc.

A 4+ B 2Rel. Quz E.D.
. Coroll.

" 1. Hinc, in omni triangulo, cujus unus an

‘ %ulus fuerit re@us , vel obtulus , reliqui acu:.
‘ unt.

L

A 3, silinearcta AR chmalia ica CD an-|
gulos inzquales faciat , unum ABD actitum, &
alterum AEC obtufum , linea perpendicularis
AD ex quovis ejus pun&o A ad aliam illan
C—F D CD demiffa, cadet ad partes anguli acuti AET:
Nam i AC ad partes anguli obtufi du@a, di-
catur perpendicalaris;in triangulo AFC erit an,,
¥17.. AEBEC- ACBr 2Re&t *Q.F.N.

- 3. Omaes anguli uianguli zquilaveri, & du.
- anguli trianguli Tlofcelis, fupra bafim, acuti (un:.
- Pror. XVIIL i
- A Omnis trianguli A B C
. majus latus A C majoreis

D angulum ABC (ubtendit.
Ex AC * aufer AD~
< AB 3 & jungc DB. b ergu
ang. ADB = ABD. Su
TN : : . AD:




Liber I 19
¢ ADB = C. ergd ABD ¢~ C. 4 ergd totus ¢ 16. 1,
ang. ABC ¢ C. Eodem modo erit ABC e~ AL © 7+

QE.D
Pror. XIX,
> Onnis trianguli ABC ma-

8 : ; :

jor angulus A majori later

BC fubtenditur. ,
; Nam fi dicatur AB =
" - Ny _BC,eritang.A=C,con-2 5. %
A K tra Hypoth. & fi AB - -

_ BC,beritang. C £~ A, contra hyp. quare poti- b 1g.1,
; #s BC —AB. & codemmodoBC = AC.
. QE.D.

vor

VUV

<

Pror. XX. '
Omnis tvianguli ABC ~

) duo latera BA, AC reliquo )
a A B C funt mapora quomodo~ :
cunque fumpla.
L “Ex BA produfa 2 cape® 3.1+ -
- B c A D= AC, &duc DC.}, 5.
' bergdang.' D = A CD.c g ar,

. cergdbtameBC D e Ddergd BD (¢ BA o d 19, 1.0
" AC) - BC.Q.B.D. ¢ conflr. &
' - Pror. XXI A &5

Si fuper tyianguli ABC

A -
] uno lateve BC, ab extremitati-
: £ bas dug recia linee BD,CD, ‘
intevigs conflituia fuevins, be -
confbitybie veliquis trianguls du-
B . Cobus lateribus BA, CA mine- h

\ ves quidem erunt, majorem ve-
10 angidum BDC contincbunt. '

Producatur BD in E. éfiq; CB + BD 2~ a 20.1.
CD adde commune BD, b erit BE « EC b 4. ax.
BD -+ DC. Rurflus BA + AE * = BE; Pergd
BA -+« AC " BE + EC.quare BA +AC
BD . DC.QE.D. 1. Ang BDCectbu !
DB Cf r Ai ergd ang- BDC [~ A. QE- D- i

, : Cg ~ BPror,



EUCLIDIS Elewentorsm
'?aog. XXII

B C

1 B ‘
Ex nibws veflis lineis K, FG, GK , que
fint tribus datis yeltis limess A, B, C aqudle,

© triangulum FKG confitueve. Oportet ausem duas

€ 18.4d¢f.
d o 4

2 . peft,
b !.’l.ﬂ
€ 22, 1,

veliqud effe majores omnifavidm fumptas, quoniam
wninfCujulque trianguli duo latera ommifariam [um-
praveliquo funt majora.

Bx infinita DE 2 fume¢ DF, ¥G, GH datis
A, B, C ordinc 2quales, Tum fi®centris F, &
G, intervallis FD , & GH ducantur circuli &
interfecantes in K; jun&is re&tis KF, K G con-
ftituctur trianguium FKG, ©cujus latera FK,

'FG, GK tribus DF, EG, GH., 4 id eft tribus

datis A, B, C ®quantur. Q. E. F.
' Pror. X XIII

A - Ad datam .-
&lam lineam AB,
datimaue in e
leéil‘ltm A, daro
angule reciilizeo D

C FG R agudle anguivm re-

N EV/B Gtilineum A cone

Huere,

* Duc re@am CF fecantem dati anguli laters
utcunque,® Fac AG=CD. Super AG <cpn-
ficue wiangulumaltesi CDF xquilaterum, ira

, ’ uf,

D

|

|
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Liber I . ’ ix

nt AH DF, & GH==CF; & habcbis ang. 4 §. 1
D Q. En .

Pror. XXIV,

A D

S
$iduo tmnzula ABC, DEF duolale/a AB,

- AC duotus laeribus DE  DF aqualiz babue-

i

)

rint , utrumgue mtrique; angulum vero A dngulo

‘EDF majorem fub aqualibus vectis lineis ammz-

tum , & bafim BC, bafi EF, majerem babebunt,
‘Fmang EDG=A,& DG *=DF ‘-; AR

. AG conneftantirque EG, FG.

1. Caf. St EG cadit fupra EF. Quia AB4 ?p

, d=DE,&AC == DG,&ang A<=EDG, e nnﬁr.

ferit BC = EG. Quia verd DF ¢=DG, f 4 1.
gerit ang. DFG = DGF. bergd ang. DFG:—E’ pl
EGF;h & proindeang. EFGc EGF.kquare k 9.,
EG (BC) cEF. Q E.D.

2. Caf. Si bafis EF bafi EG cdincidat, ! li- [ 9. 4x.

3 quet EG (BC) = EF.

3. Sin EG Cadat infra BF. Quoniam M 21, 1,
DG -+ GE =~ DF . FB, fi hinc ind? au-
ferantue DG, DF, 2quales, manet EG (BC) exa
':-F.F.QB.,. e

TProvr.



as

b 24.1.

adon

A

EUCLIDIS Elementorum
" Pror. XXV,

84 duo triangult
D ABC, DEF dw

latera AB, AC
duobus Lmribus
DE, DF equalia
3 bdmermt, wLYung,

utwque bafim ve-
70 BC bafs BY majorem; & angulum A [ub equa-
Libus vectis lingis contentum anmgwlo D majorem
babebunt.

Nam fi dicatur ang, A = D.* erit bafis BC
= EF, contra Hyp. Sin dicatur ang. A =3 D
berit BC—1 BF, etiam contra Hyp. ergd BC

.—EF. Q B D.

Pror. XXVL

1%
St dws triamguls B AC E D G, duss angules
B, C, duobus angulis B , DGE, #quales babu-

l

l

erint, utrumaue wtyique, unimque latus um laters

equale five quod squalibus adjacet amgulis, feu
quod uni aqualium angulovum [ubtendituy @ veliqua
Latera veliquls latevibus equalia, utramque xtriqus,
2’9' veliquum angulum veliqua angulo aqudem ha-
cbunt,
1. Hyp. Sit BC = EG., Dico BA =ED, &
AC ='DG,& ang. A =EDG. Nam fi dicatuc

ED - BA, * hat EH = B4, ducatirg, G H.

Quoniam
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Quoniam AB*=HE, & BC¢=EG, &P {Wf-
ang. B <= E, eritang, EGH¢=C¢=DGE. § ;*,,
fQ. E. A, erigd AB=ED. Eodem mcdo AC ¢ hyp.
= DG. 4quare etiamang. A =ED G. £ 9. ax

3. Hyp. Sit AB=ED. DicoBC = G; &

A€ = DG &ang. A = EDG. Nam fi dicatur
" EG c BC, fiat EI == BC, & connetatur DI. E byp.
. Quia ABE=ED,& BC*=Bl;& ang. Bt=E, p [/
" erit ang. EID ¥ =C==EGD, »* Q.E. A. mf,;;‘
ergd BC = EG. ergd ut prids, AC = DG, n 10, 1.
& ang. A =BDG. Q.E.D. : oo
Pror. XXVII, _
‘ St in duas veftas live-
B # AB, CD reftainci-
- » dens linea EF all)tﬁ'mtim
. = angulos AEF , DFE, #-
< : - B quales inter [e fecerit, pa-
vallcle exunt inter (¢ ille recte linee AB, CD.

Si A B, CD dicantur non efie paralleles
conveniant produétz, nempe in G. quo pofito
angulus externus AEF interno DFE 2 major & 16. 1.
erit, cui tamen ponitur zqualis. Quz repugnant. ‘

Prop. XXVIIL
8 in duas veifas lings
as AB, CD rvellainci-
, Edenr linea B F extermum -
L angulum A GE interno
& oppofito, & ad eafdem
partes CHG aqualem fe- |
cevit , aut internos & ad eafdem partes AGH,
CHG duobus veitis aquales; parallela ciunt inter
" fe ipfarcite linee AB,CD.
. Hyp. Quiaper hyp. ang. AGE==CHG, 3 15.1.
a erit altern. BGH = CHG. b parallelz igitur b 27. 1.
funt AB,CD. Q E DA AGH .. CHG=
2. Hyp. Quiaex hyp.Ang. -+ =.a 13. I.
2 Rc&y.5 :_9“ AGH ZE BGH , Yerit CHG= D 3. o
BQOH. Ergé ‘AB, CD parallelz funt. %B. D. €371
ROP.




5i- EUCLIDIS Elemwririw. \
Pror. XXIX.
In pavallelas veflas G-

neas AB, CD, reftainci- '

A G Bdens linea EF, & alter-
d natim angulos DH G,
F g . AGH equales inter [ eof I

ficit; & externum B G E
$nteino, & oppofite, & ad eafdem partes DHE «-
. qualem ; & snternos & ad eafdem partes AGH,
" CHLG duobus vectis aquales facit, !
s 13. ax. © Liquet AGH, . CHG = 2z Re@. 23lids |
AB, CD non cffent parallele, contra hyp. Sed
b12. 1. &ang.DHG -+ CHGYP=:Reft.ergd DHG
¢ 13 ax. ¢=AGHI=BGE. Q.E.D.
d 15,1, Cm’o[j’ !
B Hinte omne
C Parallelogram-
mum AC ha~
bens unum an-
. gulum reGum
A D A, eft reGan-
_ ulum.
a9 1, Nam A 4 B2= 2 Re&. ergé cum A re-
b 3. «x, &us fit, P etiam B re&us erit. Eodem argu-
mento D, & C re&i funt,

! ' . Pror. XXX.

Lue ( AB, CD) &-

dem relie linc# EY pai-

B allela, & inter fe funt pay-
F alicte.

D Tres reflas fecet ut-

cung; re€ta GL Quoni-
: im AB,EF parallcl (unt,
. Scritang, AGI=EHIJ, Item propter CD, EF

>
o

nm

29,1,
bt ar,. parallelas, 2 erit ang. EHI = DIG. b ergé ang.
¢ 3. & AGL=DIG. ¢ quire AB, CD parallelz {un,

QEI Dn
\ © .. Prop,
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- Prop, XXXI.
£ A A dao pmlte A date
IF refie linew BC ducere
: parallelam veltam lincam -
B ) CABE.
Ex A ad datam BC duc

raftam utcunque AD. ad quam, ejiisq; punéum * 23+ 1
A *facang. DAE = ADC. Perunt AE, BC b 27 &0 |
parallele, Q E. F.
Prop., XX XI l/’:
Cujpsfcungue  triana
A [ guli AB C xno latcre
BC producto , externus
angutus A CD duobus
Inteynis, & oppofitis, AB
B oft equalis. Rt tiianguli, .
< _b tres wterni anguliy, AB,
ACB duchus funt reltis . _

Per € 2duc CE parall, BA. Ang. A x4 31, 1,
ACE.&ang. BP—ECD. ergo A «+ Be=b 9. 1.
ACE 2 ECD ¢ = ACP. Q.E.D. Pono ¢ 3
ACD 4+ ACB*==1Re&. fergd A4 B & 10" &
ACB=1Re& Q.E. D, R

Coiollaria. ca .

x. Tres imul anguli cujufvis triangul{ zqud-
fes fun tribus fimul cujufcunque aleerius, Uinde

2, Si in uno triangilo duo anguli (aut fin-
guli,aut fimul) 2quales fint duobusangulis (aut
fingalis,aut Gimul) in altero triangulo, etiam re-
liqluus reliquo ®qualis eft. Ttem, fi duo trian-.
gula unum angulum uni zqualem habeant , re«
liquorum fummz 2quantar. ‘

3. In triangulo fi unus angulus re&us fit, re-
liqui unum reftum conficiunt. Y¥tem, angulus,
qui ducbus reliquis zquatur, re@us eft.

4. Cim in MHolfcele angulus 2quis cruribus
vontentus retus ¢k, reliquiad bafim funt femiv

redti, ) ..
T 5] g Tl




ETVCLIDIS Elementorum.

¢. Triangull zquilateri angulos faciv duas
tertiasunius recti, nam ¥ 2 Rect. = } Re&.
. Sthol.. - -

Hujus propofitionis bcn\cﬂcio,cujqﬂibct hgure
re&ilinex tam interni quam externl anguls quet
redtos conficiant, innotefcet per duo lequentia
theoremata, .

THEQREMA 1.

Omnes fiimul anzuli cujnleuique figuie veltil
ez confiiunt bis tot Teftos demptis quaswor
aquot [unt lateva fioure. o

Ex quovis punéto intra figuram ducantur ad
omnes fgurz angulos retz, qux figuram refol-
vent in tot triangula quot haber latera. Q_are
cum fngula triangula conficiant duos rectos,
omnia fimul conficient bis tot rectos , quot funt
latera, Sed angulicirca diGum pun&um conf-
ciunt Guatuor re&as, Ergd,fiab omnium teian-.
gulorum angulis demas angulos circa id pun-
&um, anguli reliqui qui componunt angulos fi-
gurxe conficient bis tot re€os demptis quatuor,
quot funt fatera figwee, Q. E. D.

EHinc Coroll. Omnes cjurdem fpeciei reQili-
nex £yure zquales habent angulorum {ummas.

- THEQREMA 2. .
Ominzs fimiu! externt anpuli cugufiuname figure
Felion @ couficiunt cuatker vectos., o
Nam 6n: uli figurze intetni anguli cum fin-
guids externis conhiciunt duos reos. Ergo in-
' terni

|
I
!
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terni fimul omncs, cum omnibus fimul externis
conficiunt bis tot re@os, quot funt latera figura.
Sed (ut modo oftenfum eft,) interni fimul omnes
etiam cum quatuor reétis efficiunt bis tot reétos,
quot funt latera figure, ‘Ergd externi anguli
quatuor rectis zquantur, Q. E. D,

corvll. Qmnes cujulcunque {peciei rectili-
nex figure zquales habent externorum an-
gulorum fummas,

Prop, XXXIIL

A Relte lincz AC, BD,

B qua equales & parallelas li-

p #eas AB, CD, ad paries eaf-

< dem compungunt 5 & ipfa @~
auales ac parallelm funt. oo

Connc@atur CB. Quoniam ob AB, CD

parallclas.ang. ABC*==BCD, & perhyp. AB a 29. 1.

= CD, & lutus CB commune eft, > etit AC= b 4. 1.

BD, b &ang. ACB=DBC.cergd AC,BD ¢27. 1.
etiam parallele funt. Q. E. D. , .

Pror. XXXIV,

Avr— B Payallclagrammoruin fpa=
; '\- f ! * tiorum ABDC equalia funt
d iater [¢ qua ex adveifo late-

¢ D4 AB, CD; 2c AC, BD;

avgulique A, D, & ABD, ACD; & illabifa-
viam [ecat diameter . CB.

Quoniam ' AB, CD ?parallelz funt, b erit 2 by,
ang. ABC = BCD. Ttem vb AC, DB ? paral- b 29, 1.
lclas, beritang. ACB == CBD.<ergé totian« ¢ 3, ax.
guli ACD, ABD =xquantur. Similiter ang,

A= D, Porré, cium communi lareri CB adja-

ceaant anguli ABC, ACB, ipis BCP, CBD

pares 4, erunt AC =BD, 4 & AB=CD. ade- qd 26,1,
63; ctiamtriang. ABC = CBD, Quz E. D.

& Dz SCHOL,
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28 | EUCLIDIS Elementorum.

SCHOL,
Omne quadrilaterum ABDC babens latera opa
pofisa equaliz o eft parallclogyammun,

- Nam per 8. 1. ang. ABC =BCD. 2 crgd
AB, C D racallelz{unt. Eidem ratione ang.
BCA = CBD; ® quare AC, BD ctiam paralle-
b 35.4¢f 1 I junt, b Ergo ABDC eft parallelogrammum,

Q.E.D. '

A_E

LR LA

Hinc ex-

. peditids per

" datum pun-

AN &um C da

E"'—“—E-& : tereGtx AB

} ducetur pae

' rallcla CB. '

Sume in AB quodyis punftum E. centris E,

& C ad quodvis intervallum duc zquales circu-

los EF, CD. centro verd F, fpatio EC duc cir-

culum FD, qui priorem CD fecetin D. Erit

L du@a CD parall, AB. Nam ut modo demon-
fratumeft, CEFD eft parallelogrammum,

Pror. XXXV. ‘

. Parallelogramma
A__DE__F 5cDA,BCEE /v
pet eddem bafi BC,
O in eifdem paralles
L s AF, BC conflitze-
) t1,inter f¢ funt ae
B < qualia. ' .
Num AD * =?C * = EF. adde commui

A
=

‘ a 34 1.

i b2, ax nem DE berit AR =DF. Sed & AB*=DC;

! y :9'x" & ang, A-< = CDF, dergdtriang. ABE =

: e 3 «x. DCF. qufer commune DGE, ¢ erit Trapez,
Fzam ABGD = EGCF. adde commune BGC, ¥ erit

Pyr, AtCD = EBCF. Q. E D. Reliquorum
czfuum non diffneili., fed hmplicior & facilior

eft denonflratio. )
. Q  Scholiym,
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- Scholium,

A Si letus AB parallelo.

D?rammi reftanguli ARCD

erri intelligatur perpendi-

culariter per totam BC, aut

4 EC per totam AB, produ-

i 12 cetur €o moru area reftan-

guli ABCD. Hinc re&tan-

gulum fieri dicitur ex dufta

PR feu multiplicatione duorum

B = laterum contignorum. Sic

exempl, gr. BC pedum 3, AB 4 Dac 3 ings

Pff;_VCnium 13 pedes quadrati pro area reltan-
guli.

" Hoc {uppofito, ex hoc theoreinate cujufcung; =~
pafallelogrammi ( *E1. CF) haberur dimenio. * = fiz. pro<
Illius enim area proJuci:ur ex alrizadine BA du- P4/~ 35,
€ta inbaGm BC, Nam area reGanguli AC par-

.allclogrammo EBCF aqualis, fit ex BAin EC,
€rgo, &,

A Pror. XXXVI,

; b e Para’tsloovan=

F;m BCDaA,

_ GHFE fupw a-

qualibus bafits RC

B C G FGH, o in ufdw;

parallelis AF, BHL conflituta, inter fe funt equalia.
Ducantur PE, CF. Quia BC?= GH b= 2 by
EF, ¢ erit BCFE parallelogrammum, erg6 Pgr.. : ;‘ -
BCDAS=ECFE¢‘=GHFE. QE.D.  'd3;;5 1.

: Pror. XXXVIIL )
E A D F  Trianula BCA,

{ 7] " BCD [uper eadem

’ bafi BC conftitu'a,
7 & in cifdem paral-

. lelis BC, EF, iuter

B < fe funt equilia.
. . D;,f q 2 Duc

‘
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a3 SUot. 3Duc BE parall. CA, 2 & CF parall. BD.
I L7 Erit triang, FCA » = } Pyr. BCAE=<%
,,‘a‘ ¢ pDFC*=BCD. Q.E.D.

Pror. XXXVIII

D R Triaguia BCA,

G A EFD lzu)cr @qua-
{ihus bafives BC,
EF con'tituta, @'
in eifdem payallelss
GH, BF, intei fe
B CE F Sunt equalia, f
*Duc B G parall. CA. & FH parall. ED
erit trianz. TCA *= 7 Par. BCAG b= §

ge

b3.ie EDHEF <=fFD. QE.D,
7. &,
€ 34 1. Schol.
" Y - Sibafis TC cEF, liquet triang, PAC =y

EDF. & iBC— EF, erit BAC1 EDF,

Pror. XXXIX.

Triangula aqna

F layca, BCD,
Super eadem baf
BC, & ad eafdem
pates conflituta ,
etiam in eifdens
Sient parallclis AD,

bx mregas, fi fit altera AF parall. BC; & ducatur
a37.%  CF. ergd trjang. CBF2:= CBA >=CBaD,
b byp. ¢$Q.B. A

< 9. ax,

Pros;
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Pror. XL,

Triaspula 2qur-
tia BCA, EFD “
Super aamlzbm ba-
fibnms BC, EF,&
ad eafdem paitss
co;:ﬂituta, o i

eifdomn funt pavallelis AD, BE,
Si negas, it altera AH parall, BF. & ducatur 2 38. 1.
FH. ergd triang. EFH = BCA *= EFD ’ﬂ?

$Q.E. A,
Prop, X LI

Si parallelogrammi
E ABCD cum triangule
~B CE eandem balim
B C babuzrit , in.cif-
démaue fucriv paralici:s
€ - -AE "BC, duplum ciit
P.‘lu.l Ingzanmmun ABCD ipfins trianguls BCE,
Ducatur 4C; Triang, BCA? = BCE. cxgo'{‘) 37. lx

Pgr. ABCDY= 3 BCA®= 3BCE.QE.D. { 3hr

: Scholium,

- Hinc habetur area cujufcungs trianguli BCE,
Nam cum area parallcloorammi ABLD produ-
catur ex altitudine in bafim du&a 3 producetur
area trianguli ex dimidia altirudine in bafim du-

* &a, vel cx dimidia bafi inaltitudinem, ut fi ba=
fis BC fit 8, & altitudo 7; erit tianguli BCE
area, 28, '

Dy Prori



EUCLIDLES Elemeniornre
Pl??o x L I If

® 3L 1,
» 23 1.
€ 1o, 1,

d 18 1.
€ 41, 1.

a 34 te

b,o“. -

Date triangulo ABC aquale parallclogrammum

ECGF conflituere indato angulo 1eéiilines D,
Per A * duc A G parall. BC, bfacang. BCG
=D. bafim BC ¢bifeca in B, *duc EF parall.

' CG. Dico fa&um,

Nam du@td AE. erit ex conftr. ang. ECG
=D, & triang. BAC 4= AEC:= Pgr.
ECGF. QE.F. : .

A In omni parallcio«

grammo ABCD com-

B plementa DG, GB

: ‘ eorum que circa dia-
H I smetrum AC funt par-

; allelogrammorum HE,
D F < Hgterﬁfwh

Nam Triang. AGD, =4 ACB. & triang
AGH:= A GB. & triang. GCF *= GCl,

-2¢rg0 Pgr. D6 =GB, QE.D,

Pro¥,

-’
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Pror. XL1V. ’
D _E _ X

e
G F q
A M L.

Ad datam veiTam lineam A , dato tiiangulo B,
aquile paallclogrammam ¥L applicave indaio an-
gulo vectiiizeo C, '

3 Fac Pgr. FD = triang. B, itd utang. GFEa 42. 1.
= C. & ponelateri GF in diretum FH = A,
Per H bduc 1L parall, E F; cui occurrat DE b 31, 1«0
produdtaad L. per 1 F duQtz re€ta occurrat DG
protrattaad K, Per K bduc KL parall, GH;
cui cccurrant EF , & TH prolongate ad M, &

L. Esit FL. Pgr. quefitum,
NamPgr. FL<=FD=B4&ang, MFH ¢ 42 «

=GFE=C, QE.F. dois.
~ Pror. XLV, r
B € .G HL
\\. . ]
\ <\ [5/ |
AN it
A LR
Ad daam veden lincam F G dato reéf liicn”
+BCD wjuale praliddsyammum FL cofbtie- ¢, ‘

badato zigtdo veciiling B, :
Darum reétilineum refslve in rriangu’a
BAD,BGD,* = FacI'gr. FH=BAD it w

ang, Fe Boprodufta FT 3 fee (Gd H1) T2 4t v
IREN S i,
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b 15.ax, JL = BCD. erit Pgr. FL=?FH 4 IL¢=
€ confiry ABCD. Q.B.F, T

Schol,

¢ K

Hinc facilé invenitur exceflus HE, quo reéti-

lincum aliquod A fuperat re@ilineum minus B;

~ nimirum fi ad quamvis re&tam CD applicentug
Pgr. DF=A. & DH = B,

/ Prop, XLVI.

4

B C A data veta li+
nea AD quadia-
tom AC defcria
bere. :
3Erige duas per—
dan {  pendiculares PAB,
»3im D C ? zquales
’ A date AD; & .
’ D junge B.C. dico.
faltum, . L
< confir, Cum enimang, A &+ De=3Re&.4 erunt
' :,‘ fﬁr'ﬂr'.' AB, DC parallcla. Sunt verd etiam € 2quales,

¢34, 1 Fergd AD, BC paresetiam [unt, & paralielz,
ergd Figura AC eft parallelogramma, & aqui-
g Sb. 29. 1. Jatera. Anguli quog; omnesredti funt, & quoni-
A 3. def. amunus A ctredus. Bergd AC eft quadratum, .
Q‘E' F. ¢ .
Bodem modo facile defcribes reCtangulum,, .
quod fub datis dusbus. re@is contincatur, ‘ ,

Exouv,.
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Prop. XLVIL ,
) G\ o Iz veltan-
u gen trima
E gulis BAC
: : quadratun.
' 70 BE, quod 2
laere BC
vetfym angu-
C tum! BAC
© fubtendente
deferibimr
rqule eft
es, BG,
CH, que &
lareribys AB,
D M E A C retium
. angulum continentibus defecribuniure”
. Junze AE, AD; & duc AM, parail. CE.
Quoniam ang. DBC * = FpA; adde comi- 2 12. #x.
. munem ABC, erit ang. ABD =FBC. Sed & .
i AB "= FPB, &BD b= BC. © ergd triang, b 29. 4.".
AsD = FBC.atqui Pgr. BM.d=2ABD; & § + 1)
P;r. BGd= 2 FBC (nam GAC eft unarelta o 2. ar.
per hyp. & 14.1.) ¢ergd Per, BM = BG. Si-
mili difcurfu Pgr. CM = CH.. Totum igitux
BE =BG+ ¢H. Q E.D. -

. Schol,

Hoc nobiliffimum, & utiliffimum theorema
ab inventore Pythagora, Pythagérictim dici mew
ruit. Ejus beneficio quadratorum additio, &
fubftraltio perficitur 3 quo fpe€tant duo fequen-:
tia problemata. ' . o

PROBL,
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Andr, Tacge

a .1

boarte

¢ 2. “o:

a4 L
b 3. ax.

EVDCLIDIS Elemuntoram
PROBL. 1,
z =
1 Datis quotcunque qua-
B dratis y unsem omnibus @ -
. quale confliuere,
. Dentur quadrata tria,
c A Xquorum latera fint AB,
E | BC,CE.*Facang.re-
$ | @Qum FBZ infinjta ha-
& ,A¢ bentem latera, in cdque
& uansfer BA, & BC, &

ABC.? junge AC, berit ACq

R P = ABq+ B Cq. Tum

R S AC transfer ex B in X3
FA E & CE tertium latus da:

tum teansfer ex Bin B, & junge EX, ®eric
EXq=EBq (CEq) —+Bxq (ACq) ‘=CEq
ot ABq—+ BCq. QE. F.
PROBL. 3] . .

E Datis duabus vellis in-.

. eequalibus AB, BC, ex=
bibere guadraum , qus
quedratum majoris AB
excedit quadratum i
A B < moris BG.
Centro B.intervallo BA defcribe circulum. éx
Cerige perpendicularem CE occurrentem pe-
riphe:iz in E. & ducatur B E. ® Erit BEq
(3A9) =BCq4 CEq.bergd BAq—DCq
CEL QE.E

, 2RORILL




1

PROBL. 3 ,
c -Notis duobus quibuf-
. cunque lateiibus tiigoni
reitanguls ABC - velie
quum igvenire,
- Latera reétum angu-~
tum 3mbientia fint AC, .
8 AB, hoc 6, pedum,
illud 8. ergé cim ACq 47, 15
~~ ABq =64 36
=100 = BCq. erit BC
"=/ 100= 10,
B A Nota fint deinde la~
i tera. AB, £C, hoc 10.
pedum, ilhd 6. ergd cdm RCq —~ Anq=y4y, ¥
300 36 = 64 = ACq, crit Acq =4/ 6¢

=x3

Liber I v 35

Pror. XLVIIL

i quadvatum quod ab uno.

latere BG triamguli defivibi-

tut, equale (it eis qua i veli~.

quis trianguli lateribus A B,

B e A C deferibuntur quadratis,

- aiguls BAC compyrebenfios

[ib AB, AC reliquis duobus trianguli lateribus, ve-

Cius eff. ,

Duc ad AC perpendicularem DA = AB, &
junge €D, . B .
Jam CPq3= ANg « ACq = ABqQ 42347 i

ACa = BCq. * ergd CD = BC. ergd trian- * Vid. fige .

" gula CAB, CAD, fibi mutuo =quilatera funt; 7b"'7§""-'
quar¢ ang. CAB b= CAD<=Re&.QE.D./ bpe
s"bo.'o .
Allumpflimus exinde quéd CDq. = BCq, |
feyui CD =RC. Hoc verd manifeftum fier ex-

A Ll

T T ———



EVCLIDIS Elementorum

THEOREMA,

FY G N op: Q
RE]

c_ 1 K L '@'.l

Linearum aqualium AB, CD, equilia funt
guadiata AF , CG; & quadraroriem aqualiyme
NK, PM aqualia funt latera 1K, LM,

Pro 1 Hyp. Duc diametros EB, HD. Li-
quet AF — 2 2riang. EAB = ® 2 uiang,
HCD=2CG. Q.E. ’D.
© 2,Hyp. Si fieri poteft, it IM = 1K. fac
LT —=1K; 2 sitque LS = LTq. ergd LS
t’—'Nl\"-' L(\_d(\E.A ergoLM:I K. .

coroll,

" Eodem modo qualibet reangula inter fe
xquilatera 2qualia cftendentur.

LI1E.
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LIB. 11
Definitiones.

A o)

22 ) Mne parallelogrammum reGan<
5 gulum A B CD contineri di- .

é cirur {ub reftis duabus A B,
¢ AD; quz retum comprehen=
Z0%%) dunt angulum.
Duando igitur dicitur vectanmgulum fub B A,
' A D wel brevitatis causd, veltangulum B ADy

vel BAXAD, (vel Z A pro ZxA ) defignatur’
recEanguliam, quod continetur (4 BA, & AD ad -
Yeclum angulwm conflitntis,

E_E K

A ) S

11. In omni parallelogrammo fpatio FHIK
unumquodq; eorum, qué circa diametrum illius
funt, paraliclogrammorum, cum ducbus comple-
mentis Gnomon vocetur..ist P FR—+Bl4GA.
(EHM) oft Gnonon. item Pt BBl EM
CGKA ) et Guomon.

E-'r . PROIJ’.V\'. )
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auurL

b 19 ex, 1.
€ 34 1,

2. 15.3,

EUCLIDIS Eimentorsm

Pror, L

* H1 G Sifueiint dns velte linee
AB, AF, ficeturqucifa-
rum altera A B in quoi-
. cunqgue (epmenta AD,DE,
EB: reftangulum comjie-
y L Emcbmﬁ;m fub igllz;s duab:ss vee
¢tis lineis AB, A ¥, aquile (t es, quz fub in-
fefts AF, & quolibee fegmentoiwm A. D, DE,
E B comprebenduntur veffannls,
2 Statue AF, perpendicularem ad AB. 2 per
F duc infinitam FG perpendicularem ad AF..
3Ex D, E,B erige perpendiculares DH, EI,
B G. Erit AG wdangulum fub AF, AB, &
beft 2quale re@tangulis AH, DY, EG, hoc eft
(quia DH, E1, AF <pares funt ) reétangue
lis fub AF, AD; {ub AF,DE; lub AF,EB.
Q.E. D.

. Sckel

Tropofitiones decem prima hujus libei valent
etiam in numeris. Reliquas quilibet tyro exami-
net, pro hac, fit AF 6, & AB 13, fedtus in
AD s, DE 3, & EB 4. Eftque 6x12(AG)
=72, 6x5 (AH )=30. 6 in3 (DI )=18.
denique 6x4 ( E G ) =24, Liquet verd
39+18424=72.

Pror. 11, .

. Si reffa linca 7.

= E Jebia fir aetciongue s

B refbatgula , que i

tota Ly & guolint

[eomestown A, B compirchenduiniir, acualia i
¢, quod atota Zepe, quadralo.

Dica ZA+Z Ex=Zq. Nam fume B=7.

3nfwe Ba_E=DZ; hoc eft (ob B=Z)
e . 4 oy ) 3

Lo~ UL 0 T e W Lot B



Riber II.
P¥op. 11T

. Sivedia lints 2 fefla

‘(K—E:b' ft utcumue 3 veclaugh-
E lum fub tota Z, & o

,mﬁgvzﬂ}mum E com-

ehenfum, equale eft illi, quod [ub [egmentis A,B.
gmﬁebem,ﬁtur, reﬂqngul;,@- illi quod & pradicte
Jegmento E deftribitur, quadrate. - o

Dico. ZE=AE—+Eq. * Nam EZ=EA~ 2 1.%
EE. '

Pror. IV, ‘

Si vefta linea Z fe~
el AP &la fit wicungme, Qua-
AT 5 dvatum, qm % tora ﬂZ

T A:firibitur, equale ¢
& illis qua 3 fegmentis A, E defcribuntur qua-:
dratis, & ¢i, qued bis (uh [egmentis AE. compres

be;zdftu'r, vectangulo,

Dico Zg==Aq.+Eq.2 AR/ Nam ZA=Aq—+ 2 3. 2.
A E;- *& ZE=Eq —+ AE. quum igitur Z A
%{E::qu, :CL“C Zq_Aq—‘-E‘l-r‘ AE.Z:::". .

= D Aliter, Super AB fac .
quadratum AD, cojus
diameter EB. per divie’
fionis pun&um C duc
H G | { perpendicularem CF; &

- per G duc HI parall,

AB.

A cB Quoniamang. EHG=A .

reQus eft, & AEB ¢femirctus, ¢ eritreliquus d 4.0or.33.x,
HGE ctiam iemiréétus. Ergd HER=HGS= ;633; 1.
EF:=AC. bproinde HF quadratumeft re®z o 5, "y,
AC. codem modo CI eft CBq. ergd AG,GD 4 PR
retangula funt fub A C, CB. Quare totum k 12.4% 3o
* quadratum AD ¥ = ACq - CBq -+ 2 ACB. .

QE.D, S
T E3 Qoroll,

$

o
1
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ED C LIDIS Edementorums

. Coroll. o
1. Hinc liquet paralleiogramma circa diame-
trum quadrati efié quadrata, %

2. Item diamctrum cujusvis quadrati cjus an-

gulos bifecare,
3. 51 A=} Zserit Za—4 Ay, & Ar::,,Zq
iton & contra,fi Zo—4 Aq. eric A=IZ.
. .
P ", Pror. V.
; ; i B} - Stredialinea
A A D B AB ficetur- in
agqudia A C,
CB, & nen mpmlm AD, D5, mramu’un[u
inxqualibus [egmensis A D Ds taﬂlleJ(/ e,
¥ni cwn quad, zro, quod fit aib lutermudia [céico
2 CD, aguale oft ¢i, qued i dinddia CB de=
ﬁl b”u,,qmd,ma
. Dico CEc=ADr+CDj3.

Crg
Equanmr% CDq+CD24+ DR+ CDB

eninifta )CDa— “QBD(cACxBD/—t-CDB
CDs]—r“ADB .
Scholium.
A s Si A B aliter
A ¢ ED B dwxda'ur,pxom-

us {cilicet punéo
b;fcéhoms, in E; dico AEBc-ADB.

. Nam AEB‘:CBq-—CEq & ADB'=CBq
..-CDq ergo quum CDqCEg,erit AEBz
ADB QE.

(ovoll,

Hinc ADq+ DBqc~ AEq.+ EBq Nam

_AD3+DBq 42 ADBY =ABq"=AEq+E#q

—2 AEB. er26 quum 2 AEBg- 2 ADB,em

_ ADq+DquAEq+EBq Q.E.D
undc 2 ADq - DBq = AE§ &4 EBq =3

.. c : Pnor.‘

~

|
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- , Liber T . T 4
‘ Pror. V1.

= . A i yella linea A
: \A_// E bifniam fecetwr, ¢
Hiveita quasiam li-
nea B in divelum adjiciaturs veClanguium compre-
henfierm fisb tota cum adfeits ( fub, A E), & gda
Jeéta B, wid cum quadiato,quod a dimdia : A,
wauale eft quidiato i linea, qua tumex dimidia,
sum cx adjecta componitur, tanquam ab una % A
E defcripto, ( FA) i
Dico $Aq9(*Q.fA) +-AE+Eq= YiA a4 & 3.
“+E. 2 NanQ.} A.+E=}+,Aq+Eq—?-AE. Coro 4.2 :
- Coioll, .
Hinc G tres refte B, E+ LA, E+A fintin
proportione Arithmetica, reftangulumi {ub ex-
. tremis E, E-+A contentum, und cum qradra-
to excelsis 4 A, xquale erit quadrato mediz
E—+3 A. :

Pror. VIT. .
© Siveffalinea Z fo
RN celur whcunquic LBuod .
A Y E  adtota Z,quidqueab - -
’ xno [egmentorum B,
utraque fimul quadratd, aqualiz funt illis quod bus
fich totaZ, & difto fegmento B comprebenditur,
reciangu.0,& illi,quod a reliquo fegmento A fir,

guadrato. .
Dico Zq+Eq=2 ZE+Aq. NamZq=Aq a 4. 2.
—+EBEq+2 AB. & 2 ZE*=2 Eq+2AE. ° b 32

. CD‘fa”.
Hinc,quadratum differentiz duarum quarum-
cunque linearum Z, E, zquale eft quadratis’ u-
triusque minus duplo retangulo fub iplis.  ~ oy 5, &
¢ Nam Zq—pEqmz ZE=Aq=Q: Z—E. 3. a5,
- Eg4 - Pror.



a7 L&
3. ax,

b4 2,

a4 03
b byp.
c7. 3
d 2,ex,

A% 2,
b Coto 4y 3,
C 4 3y

EUVGLIDIS Elementorum

. Proyp. VIIL .
. Si velta lines Z fc-
- /—m cetut wtcknguz;roctan-
A € gudum quater compre-
benfum [ub tota Z., & uno [comentorum B, cum e,
quod it veliqus [camento A fit, quadrate, equtle ef
¢, quad i tera £, & ditlo fegmento E, tanguan ab

u32 Linta LB deferibitur, quadrato, -
Dico 4 ZE+Aq=Q. Z~+E. Nam 2 ZE'=
Zq+E§—Aq. crgo 4 ZE~+ AQG=Zq-+Eq— 2

LE*=Q. Z+E. Q. E.D. -

Pror, IX,
> bttty Si vela linct
A C D B AB fecetur in a-

quakta AC, CE,

& non equatia AD, DB, quadrata, qua abinequi-

Libus totius fcymentss AD, DB funt, fimu! dipli-
ciafunt, & ejus , quod a dimidim A C, & ¢,
gisad ab intermedia (eFiomem CD fie, quadiart,
Dico ADqQ+DBi=2 ACq+2 CDq. Nam
ADq.+.DBy=ACq+CDq+3 ACD=.D3gq,
atqui 2 ACD (*2 BCD ) «+ DBq== CBy
(ACq) «+ CDqs ergd ADg+DBq=z2ACy
+1QDg. QE.D. ’
Pror. X.
* 2 , Sirclalinea A fece
(f_\_/ E tur bifariam, adjictatsr
N auten ¢i in velium qua-
piam linea; Luod i toie
A cumadjunita B, & quod ab adjusiia B, straqut
fimul quadvata, duplicia funt & eus, quod i di-
midia 3 A; & ejus, quod & compofita ex dimidsa,
&~ adjurtia, tanguam ab usa 5 A+ E, defcriptun
eft, quadvati. :
Dico Eq+Q. A+E, hoc eft* Aq42Eq42
AE=2Q 1 A+2Q, £ AE. Nam 2Q1A°
A &2 Q. AfrE‘=iA9-vr=£°!—ti) 3 AE.
ce s .o ROP.
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. Pror. X1 '
¢ B Datam veftam li-
/ - newn AB fecavein
Y ‘g M G, ur comprehei-
y fum fub to:a AB,
l & dltero fegmento-
1 7um BG reclangu-

- lum, equaile fit ei
D E A p quod ?zqreliquo ﬁg:
mento AG fit, quadyato.

Super A Bdefcribe quadracum A C. latus a 46. 1,
AD¢bbilecain E. duc EB, ex EA produéta ca- b 10.1.

- pe £ F=E B. ad AF * flatue quadratum A H,

Erit AH=ABxBG.

Nam protractd HG ad I; Re@ang. DH.« ,
EAq=EFq’=EBq"=BAq+EAq. ergd DH ¢ & 2.
f=BAq3=quad. AC. fubtrahe commune A I; 2 ""’ﬂr; '
fremanet quad. AH=GC;¢id ot AGq=ABX § ;7,,',. ‘
B G. QE.F.

Stbdim.‘

Hac Dropofitio numeris explicari nequit 3  id. 6, 13,
* neque enlm ullus numerus ita fecari potett, ut
produtum ex toto in partem unam zquale fit
quadrato parris reliqua.

Pror. XIIL

T amblygomiss triangulis ABC

quadiatum , quod fit & latere

A C angulum obtufum A B C

[ubtendente, majus oft quadratis,

< que fiunt a laeribus AB, BC

obtufum anguium A B C com-

prchendentibus , veétangulo bis comprebenfo, & ab

uno Lateium B C, qua funt civca obtufum avgrduns

ABC, in quod, cum protvaltum fuciit,cadit per=

peadicularis AD,¢ ab aflumpra exsuiias linta BD

[ub pespendiculars A D piape angulum o)tn/um
ABC. . Dico

\
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1.47. 1,
b 4.2,
€ 47. 1,

a47. 1,
b7 2.

€ 47.1,

EUCLID1S Elementorum

Dico ACq=CBq—+ ABq +2CBx B D..
Nam il ACq.
xquaia P CDy ADa.
funt in-")" CBa+ 2 CLD + BN+ ADg
terfe CBy+ 2 CBD ¢ —+ ABY.

Schol.

Hinc, cognitis lateribus tiituguli ob’tfinzuli
ABC, facile tnrvenicrtur tum [exmentum BD eacer
pevpradicularem A D, & obtufum angulum A T C
taterceptum, twm ipfa perpendicularis A D.

Sic;SitAC 10, AB 7,CB §; unde ACq 100,
ABq49,CBq 25. Proinde ABg 4+ CBJ= 74.
hunc demc ex 100, manet 26 pro 2 CBD. unde
CBD erit 13. hunc divide per C B §, provenic
a}proBD, quarc A D invenitur per 47. 1.

Pror. X111, i
. A In oxygon'is triangulis ABC
quadiatum 4 laterc AB anru-
. Awm acerum ACB Jubtendeate,
mizns eft quadratis, que fiuit &
B ¢ lateribus AC, C B acutum an-
. [} gulum A C B comprebendenti=
. bus, reCtangulo bis comprebeinfo,
& abuno larcrum BC, que funt circa acutum an=
wulum AC3, tnguad perpendicularis AD cadie,
&b aflinpta sutcrius linea DC [ub perpendiculari
A Dz prope angwium acitum A C B. .
DicoACq+ BCq=ABJ+2BCD,
. A Cq+ B Cq.
Nam zquan- )* ADq+ DCq -+ BCq.
tur ifta ?’a ADg .. EDg+ 2BCD.
cApg+ 2BCD..

] * Corol.,
. Hinc ediam coguitis bazer'bus trianguli A B C,
savenice cfi tam fegimentnn D C inser perpendicula-
rem



Liber IT. 47

vem A D, & aow'um aigulun: A B C interceptim,
epeiin ipfam perpend culziem AR, ’

Sit AB13,AC 15,B C14. Derahe A By
( 169) ex ACy &« BCqhoceltex 23+ 166
= 4a1;rtemanct 262 pro s BCD 3 unde ECO
crit 126, hunc divide per B C 14, provenit g
roD C. unde AD=4/: 23§81 =11.

Pror. X1V,

‘(Tﬂ\ M X ‘  J1
. ) SR PR | 5

B -
Dare reclilineo A aquale quadrauwm ML da- -
VEHLTCn h
= Fac reftangulom D B= A, cujus majus la- a745. 1.
tus DC producad F,ita v CF=CB. ® pi- b 10.3,
{eca DF inG, quocentroad intervallum GF
defcribe circulum F H D, producatur CB, do=
nec occurrat ciccumicrentie in H, Erit CHq= * 4615
* ML =—A _ ) ¢ conftr.
Ducatur enim GHe Eftque Ac= DB = d 5;_’;3‘
DCF 4= GFj= GCyt= HCq* =ML ¢ 47. 1. &
QE.F . 3.6x

LI1B.



8
LIB. IIT.
Definitignes.

VN -

T Quales cirenli ( GABC,
¥ HDEF) ﬁmt, quoram dise
@ merri funt 2quaics, vei quo-

rum quz ex ceatvis rectz li-

& ncz GA, HD, {uar zconies

I11. Re&ta linca AB cire
calum FED tangcre dici
tur, qu cim cireulim tan-
gat, fi producarur cCizculun

non fecat,
Re@ta F'G fecar circus
1um FED, .

I111. Circuli DAC, ABE (item FBG,
ABL) fe mutuo tangerc dicuntur, qui fe mutud
tangentcs {efe mutuo non fccars. |

Circulus BEG fecat circulum FGH,

Tn

i



- Esbeyr 117,
F Ag

B
A

D

B

IV. In cireulo

GABD zqualiter gj.
ftare A cenrro dicun-

M

-~
D gL~
Ia qu ammajor perpendicularis GI cadir,

¢

tur rete linex F

KL, cim perpendg
culares. GH,GN quae
i centro G in iplas
ducuntur, fune Zqua-
les. Longits auterm
abefleillaBC dicitur,

. V. Segmentum
circuli (ABC) eft
figura ," que” fub
reta linea A C,
& circuli peripheria
ABC compretendin
tur, N

A

WV 1. Scgmenti autem angulus ( CAB) eft,
qui fub reétalinea CA, & circuli peripheria AB

‘comprehenditur.

V I1. Infegmento autem {ABC ) angulus
(ABQC) eft, cim in fegmenti peripheria fum.
prum fuerit yuodpiam punGum B, & ab illo in
terminos reftz ejus linez AC, quz fegmenti
bafis eft, 2djunéte fuerint re@ linez AB, CB,
is inquamangulus ABC ab adjun@is illis lineis
AB, CBcomprehenfus, o,

VITL Cum verd comprehendentes angus
lum ABC, re&a linez AB, BC aliquam aifu-
rmunt peiipheriam ADC, illi angulus ABC in-

&fese dicitut

4

I1X. Se-



50 EVCLIDIS Elementorum

A B 1X. Sc&or autem circuli
(ADB) eft,ciim ad ipfius cir-
culi centrum D conftitutus fu-
e:it angulus ADB; compre-
henfa nimirum figura ADB.
& A re@islineis AD, BD an-

gulum contmenubus, & & pe-
nphcua AB ab jllis affumpra.

jora

X. Similia circuli fegmenta (ABC, DEF)
funt, quz angulos (ABC , DEF) capiunt -
qualcs ; autin quxbus anouh ABC, DEF inter

{e funt zquales.
Pr or 1.
B Dats' tircu'i ABC
; centrum © rtperlu
Duc in circulo re-
&am AC utcun q,,quam

bifeca in E. per E dic
Eerpcnd ‘cular& DB.harc
ilecain F.erit F centcy,
Si negas 5 centrum
cﬁo G, extra re8am
D DB (nam in ea cifenon

~ potcsi, cim ubia; exes

F dividatur mzquahtcr) ducanturqhe G A,

ar5.def 1. GC,GE. Vis G centrum efle; * ergo GA=
b8 GL, & per conftr, AE = EC, latus verd GE
¢ to. ;,,l ., communc cft;*ergo anguli GEA, GTCpares, -
d 42 gy, &cproindereifunt. dergdang. GEC =FrC -
€ 9. ax rei, < Q E. A.

Coroll,



Liber III ‘ 114

' Covoll. :
- Hine, £ incirculo re@a aliqua linea BD ali-
quam re¢tam lineam AC bifariam & ad angulos
wetos fecer, in fecante BD erit eentrum,

/ Facillimé per normam ivenitur centrum vertice ndr, Tacq,
Q_ad circumferentiam asplicats, Si enim refta
DE jungens pun&ta D, & B, in quibus nor=
~ maz latera Q D, QE peripheriam fecant, bifece-
' turin A, erit A centrum. Demontftratio pen-
det ex 3 1. hujus, A
Prop. IL
Si in cirew!i CAB peripheS
ria duo qualibet punita, A,
B accepta fuevint, vettalinea.
; AB, que ad ipfa puniia ad-
1 jungstir o intra circulum ca-
t de[o ’
' Accipe in re&a AB quod-
vis pun&um D, & excentro C duc CA, CD,
CB. &quoniam CA*=CB, eritang A= defoz;
-B. Sed ang. CDB ¢~ Ajergdang. CDBemp 57 7 °
B.d etgo CB o~ CD. atyui CB tantim pertin. ¢ 16. 1.
git ex centroad circumferentiam; ¢rg6 CDeo- d 19. 1
ufque non pertingit. ergd pun@um D eft intra
circulum, Jdémque ofendeiur de quovis alio
punéto retz AB. Totaigitur AB cadit intrd

circulum. Q. E.D, -
+ Q@ ' Fa " Coroll,



~

5%

EUDCLIDIS Elementorum

. (oroll,
Hinc, Refta circulum tangens , it} ut eum
Bon fecer, in unico pun&to tangit,

Pror. 11T,

Si incirculs EABC
reéla quedam linea BD
per  centriem  cx € f1
gquandam A C non per
contrum extenfam bifa-

viam fecet, (in¥) &
: C ad angulos reétos ijfam

Jecdbit 3 & fi ad angu-
N {05 vettos eam [icety bi-
b faiiim quoque cam fe-
» cabit.,
Ex centro B ducantur EA, EC.

a hyp. Y. Hyp. Quonjam AF: = FC,& EA'—=EC,
B 5. def. 1. latiisq; EF commune eft , © erunt anguli EFA,
i 8,'0 e fir EFC pares, & ¢ confequenter rei. Q. E. D,

¢ by ¢ 2 HPp. Quoniamang. EFA e=EFC,& ang.
13, ax. EAF f= ECF, larisque EF commupe, € eric -
fs.1.  AF=FC, BileQa eftigitur AC: Q E.D.

g 26 1. :

orolls
. Hing, in trian 1go quovis @quilatero & Tfo~
feele linea ab angulo verticis bifccans bafim, per-
pendicularis eft bafi, & contrd perpendicuiarig
ab angulo verticis bifecat bafim. .

Prop. IV

8i in cirwlte ACD

D duarciielinee AB, CD

| [dfe smutus (icent son per

centium B extenfe , fefe

mutug bifariim non fici-
B bunt.

Nam fi una pér cen-

. tram




Liber JII. - . §3.

trum tranfeat, patet hanc non bifecari ab altcra,
quz ex hyp. per centrum non tranfit.

Si neutra per centrum tranfit, eX E centro
duc EF. Si jam amb2z AB, CD forent bifeRa:

in F, anguli EFB;EFD 2 ambo effent rcé‘tx, &233
proinde z quales. bQ E. A. ke
Pror. V. !

8 duo civeuli
BAC, BDC J¢2
mutnd fecent o aon
et illorum idem
cen'vwn E. :
Alids enim du-
&is ex communi
centro E reQis:
EB,EDA, efferit
LD . EB 1 d 18 def. 1,

EA; Q. B, "X, by.a.
Prep. VI,

Si ‘duy civali BAC
BDE, fofe mutus interiss
tangart (in B) eoram nen
evit 1dem centrum F.,
Alias dultis ex centro
Fre&is FB, FDA; effent
FD = FB 1= FA. 2 15 &5

bQFN

F3 Pror.:



54 EVCLIDIS Elementorsm
Pror. VIIL

8i in AB diame-
tro circuli quodpiam
Jumatur puntium G
quod ‘circali ¢ontriun
non fit, ab eiq; pun-
il i civewlum qua-
dam  vefte lLinca
GC, GD, GEca-
dunty, maxima cui-
dam erit ea ( GA)
. , in qua cestrum. F,
mizima vers veliqua GB. alizrumvero i¥l, que per
< . cemtiwm ducitur, propinguior GC remociore GD
[emper major eft, Due autem folum velte linee
GB GH aguales ab eodem puntlo in circulum ca-
dunt 5 ad utiafque partes minime GB, vil maxi-

vie GA,
a 23 1. Ex centro F ducreCtas FC, FD, FE; & * fae
" ang. BFH = BFE.
a2 1. . 1, GF 4 FC (hoc et GA)2 - GC.
Q. E. D. :

b 15, def. 1. 2. Lawus FG commune eft, & FC *=FD,

¢ 9. ax.  arque ang. GFC ¢~ GFD 4 ergo baf, GC
d24. 1.  —GD.Q.E. D

€ 20, 1, 3. FB (FE) ¢=3 GE —+ GF. ergd abla-

f§.a5.  to communi FO f remanet BG — E G.

Q. E. D. - ) :

- 4 Latus FG commune eft, & FE'=FH;

emfir.  atqueang, BFH $==BFE. hergd GE == GH.

43¢ Qudd vero nulla alia GD ex pun@o G zque-

tur ipfi GB , vel GH, jamjam oftenfum cft,

Q.E. D.

Prop,



Lsber I1I1, L S5
‘Pror. VIIL | . ’
S5 extra Cricu-
lum fumatwr pun-
&tum quodpiam A,
ab coque puncto ad
ciiculum dedwcan-
tur guadam linea
Al, AH, AG,
AY, guiram una
quidem AX per com=
tium K protenda-
tur , veligue verd
utlibety in cavam
peiipheriam. eaden-
tiwm vedlavum Line-'
UM maxima i~ -
- _ dem eft Wla AT,
que per contvim ducetur 5 aliaum autem ei que per
centvum tian@t proginquior AH vemotiore AG fem-
per major eft. In convexam vevd peripheviais ea-
dentivn reélavin lincarnm minima qusdem ot illa
AB, quainer punitum A, & dizrervum Bl iz~
tcrpomsin aliarum autem ey que eii winime pro-
pinguior AC rematiore AD femper minor ef}. Due
antem tantim vecke linee AC; AL equales 25 co
puacto in ipfwn avodum caiunt, ad wtvafque par-
tcs minima AR, vel maxima AL
Excentro K duc rettas KH, KG, KF; KC,
KD, KE. & facang. AKL == AKC. v -
1. Al (AK +-KH)*—~ AH. Q. E. D. 31201
2. Latus AK commune eft; & KH = KG;
atoneanz, AKH - AKG. bergobal. nH = b 24, 2.
AG. Q E. D :
3. KA «KC4CA., dufer hinc indd - ¢ 20. 1.
quales KC, KB, ¢ciit AB 5 AC. ds. ax.
" 4. AC + CK ¢ = AD . DK, aufer ¢ 31 L
hinc indé zquales CK, DK, f erit AC= £5. an
AD. QE. D.

Fg ., §. Latus -



§6 = EUCLIDIS Elementorum
B 5. Latus KA eft commune & KL —K C;
eonf, atque ang, AKL 8= AKC,bergo L A=

b1 CA. hiice verd nulla alia zquatur , -ex mox
oftenfas. ergo, &c. :
Prop, IX. v
Siincirculo B CK acee-
B piwm fuevit puncium aliquod
A, & ab eopuncio ad civcu-
lum cadant pluses, quim due

refta linee aquales A B,
AC, AK, aceptum pun-
Ctum A centrum eft 1p/ius

C civeuli. .
Nam * 4 nullo punéte
273 extra centrum plures quim duz reé&tz linex -

quales duci poflunt ad circumferentiam. Ergo A
eft centrum, Q. E. D.

Pror. X,

Circuls TAKBL
circulum IEKER
in pluribus quim

Jecat,
Secet, fi fieri
poteft, in tribus
unctis ‘¥ K L.
unétz IK KL.
bifecentur in M
& N. * Ambo
circuli centrum
ha*zat in fingulis perpendicularibus MC, NH,
& proinde in earam interfectione O. ergd fe-
- cantes circuli idem centrum hsbent, 2 Q. F. N.

‘ ~ Prop.

et |

."“
W o

duobus punttis nos



.Liéf}: Ir1.
Pro®, XI.

Si fieri poteft, reta F G

GADE, FABC

 [tfe intus contin- - -

gant, atque accepta
traG, F; ad eo-
Cavelia lineaF G,

contacium civeulo-
rum cadet,

protra&a fecet cir- -

¢ulos extra contaGum A, fic ut non FGA, .fed
FGDB fit re&a linea. ducaturG A. Etquia
GD*=GA&GB 3G A,/cimtelaFGB a 15. af 1,

tranfear per F centrum majoriscirculi) erit GB

. 2GD. tQE.A.

Prop, XII.:

Si dwo circuls ACD, BCE fift exterins contin-
gant,linca velta AB que ad corum centra A, B ad-
Jungitur, per contactum C tranjbit.-

Si fieri poteft, fit reéta ADEB (ecans circulos |

extra contatum C in pun&is D,E. Duc AC,
CB. it AD  EB (AC+CB) * - AD- 2 20. 1.3 -

*b 9. Ax.

B EQEA.

_F.;si

Si due circuli”
Juciint-eorum cen= -

M centra adiur-

& produtain A -

Progp. -

fz.-

b7 o2
€ 9.4ax,



58 EUCLIDI1S Elementorum
Pror. X111,

Circulus
CAF ar~
culwmBAH
»on tangit in
pluribuspun-
s 5 aquim
um A, five
Lugus , e
extra tangat

1. Tangar,
f feri po-
reft, intus
in punétis
A,H. 2 er-
g6 reQa
] CB centra

conneQens, fi producatur cadet tam in A, quam
® 15.4&f 1. in H. Quoniamigier CH* = CA & BH
¢ 15.def.3. CH. erit BA (*BH) " CA. Q. E.A. ~

a ‘:l- 3.

d 9. an 2. Sin dicatur exteriiis contingere in punétis.
RN B & F,edutare@®a EF in utroque circulo eriz,
Circuli igitur fe mutud fecant, quod non po-
nitur, '

Pror. XIV.

In cirewlo EABC
aguales yelle linea
A€ BD, eguiliter
diftant % centio E. &
que AC,BD egnali-
ter diffant a centio, -
quales funt suter fe.

Ex centro E duc
c P perpendiculares EF,
>33 ¥ G+ ¥que bilccabunt AC, DB. conneéte EA

B
L3 2 N 1. Hyp, AC=DBD,ergo AF? = BG. fd &
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Liber 111. 59
EA=FEB. ergd FEq° ='EAQ = AFq = ¢ w. 1. &
EB3.tGq <= EGq, drgd FEZEG.QE.D, 3 ax

2. Hyp. EF= EG.ergd AFq“=E Aq—EFq==d Scbul.44.1.

EBg— EGq *=GBq. ergo AF ¢== GB.¢ 6,4z,
fproinde AD = BC. Q.E. Q. ‘

Prop. XV. ,
In circulo GARC

A K .
E [~ B maxima quidem linea
7 oft divneter AD; ali-
aium antem ceaiio G

/ ) piopinguior ¥E romes
I tiore BC femper e

oreff. .
\N ! x{}Duc GB,GC. ’
' Diameter AD (23 5 defr
GB —0'1)0C) b:‘BC b ze. 1.
.E. .
EplL < (lz Sit diftantia
Gl o~ GH. accipe GN = GH. per N duc
KL perpend. GI. junge GK, GL. & quia
GK =GB, & GL = GC; éftqueang. KGL—
BGC,<erit KL(FE ) — BC. Q.E.D. € r.
Pror, XVIL
we CD

5 F. A D ab‘%xtreﬁ/i-
sate dramze
© i HA cu-
L jJusqs circuli.
BALH ad
angulosieltos.
drctiay, -
tra apfs cir-
culum cadet,
& in locum
nter iifams
yetimr II(,‘-
Y A N
] pheriz. wn-
- i

G

K




€ EUCLIDIS Elementorum

prebenfum altera refla linea AL non cadet, & fe-
micirculi quidem angulms BAY quovis angulo acuce-
rectilieo BAL major oft; velianus auiem DA
minor.
1. Excentro Bad quodvis punétum F in re-
&aAC duc re&am BF. Latus BF {ubtendens.
ag. 1. engulum refum BAF * majusecft laterc Ba,
quod opponitur acutb BF A, ergo ciim BA(BG)
pertingat ad circumferentiam, BF ulterias por-
rigetur, adeque punctum Ry & eddem ratione
quodvis aliud reGte AC, extra circulum fitum
eit,. Q. E.D.. .
. 2. Duc BEperpendic. AL. Latus BA oppofi- -
i 2. tum re®oangulo BEA® majus eftlatere BE,
quod acutum BAE fubtendit: erﬁé pun&tum E,
> adedque tora EA cadit intracirculom. Q E. D.
3. Hinc fequitur angulum quemvisacutum, |
aempe EAD angulo contaltfis DAI majorem
efle. Trtem angulum quemvis acutum BAL an-
gulo femicisculi BAI minorem effe. Q. E.D.

Covoll. .

Hinc, re&a 3 diametri circuli extremirate ad'
aogulos reGtos du@a ipfum circulum tangit.

Ex hac propofitione paradoxa confequuntur,&
misabilia bene multa, qua vide apud incerpretes, .
Pror, XVII .

o’ . Adao punifo A relion

-~ B lineam AC duceve , qua -
daum civcklam DBC .
tanga.

Ex D dati cireuli;
centro -ad datum pun«
Gum A - ducatur re@a -
D A fecans peripheriam -
in Bi- Centro D deferi- -
- be per Aalium cireolum -

' ABi.,




A'®3 & ex B duc perpendicularemad AD, quz .
* occurrat circulo AE in E. duc ED occurrentem :
circulo BC in C. ex A ad C dufta reQaranget
- circulum DBC. . D .
NamDp*=DC, & DE*= DA, & ang, s def s
D communis eft : ®ergd ang. ACD = EBE,, : :."l.dtf'
re&. ©ergd AE tangit circulum C. QE.F. ¢omnibg

Pror. XVIIL "
- Si circwlum FE DC
tangar velia quapiam ’
. linea AB, & cemvo gu~
" tem ad contalinm E ad--
jungatur refla quedam : .
Ainea FE 3 que adjup=
& fuevit FB ad ipfam
contingentems AB per-

£ G B pendicularis enit,
Si negas, fitsex Fcentro 8lia quedam F G
perpendicularisad contingentem, * fecabit ea cig- & 2.-4¢f. 3.
calum in O. Quum igitur ang. FGE reftus
dicatur »erit ang, FEG acutus <. ergo. FE

a

b cor. 17X

(D) & FO. Q.. 4. e
Pror. XIX.

Si circulum tew .
tigeris refta qua- -
pion linea AR, 3
contaltu autem C
yectalinea CE ad -
angwles veclos ipfe
tangents exciselay, .
in. excitata CE-.
E EYiL CERLIMI CYCR ~~
- i,
Slinegas, fir centrumextra CE in F; & ab B+
ad contattum ducatur FC. Igitur ang. FCB .
rectus cft 5 & 2 proinde par angulo ECB redtor ; ;f‘;.re }
pec lypottls PQ EA. - . s

B

A

Gs Preozi.



62 ETVCLIDIS Elementorsm
Pror. ‘X X.
s A :

b
In circwlo DABC, amulus BOC ad centrum”
duplex cft anguli v AC ad peripheriam ., cim fuerit
eadem peviphciia BC bafs angulorum.
Duc diametrum ADE.-
- Externus angulus BDE 2 = DAB .+ BBA '=
s 351, 2DAB. Similiter ang. EC® = 2 DAC. ergo

bs.on in primo cafu totus BXC =1 BAC, fed in ter-
c 20.qx, tio cafu ¢ reliquus angulus B OC = 3 EAC.

.B.D, .
2 Pror. XX1I¢

In civenlo BD AC qui in codem [egmento funt are
grli, D AC & DBC funt inter [o aquales.
- 1. {af. Siicgmentum DABC {emicirculo Gt
majus, ex centro B, duc ¥p, Ec. Eritq; 2 ang,
220.3  A*TE>— 2B, QE.D.
- 2. ¢4f. >in egmentum femicirculo majus non.
 foeric, tummz angulorum {:angu’i Ap e &oua.
b1g.1.  tarfunace angulorum intieiy o BeE. Dee
& gor 4. af. manturhing ind? a¥p b=rrc, & apB
ACE, ICMANCALDAC S DBC. QBB

...... -

t
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Liber 111, . 63
Pror. XXIJ.

RQuadyilaterow
vkm ABCD in
civcelo deferipto-
rii angulit ADC, .
ABC,qui ex ad-» -
verf0, duobus ree
&tis funt equales,
Duc AC,BD. .
Ang. ABC &
BCA 4-BAC22 32,
=2 R¢@. Sed ‘
. BDA*=BCA,b 21. 3.
& BDC"=BAC.ergd ABC+ADC=aRe&. ¢ 1. 42
Q.E.D » ;
- Lovell. ’ B
1. Hinc, i * AB unum latus quadrilateri * vid- /o
in circulo deferipti ‘producatur, erit angu. “H48TM-
lus externus EBC @®qualis angulo interno -
ADC, qui opponitur ei ABC, qui eft dein-
ccps externo EBC. ut patetex 13. 1. & 3.2x.
2. Irem circa Rhombum circulus defcribi ne~
quit 3 quiaadverfi ejis-anguli vel cedunt ducbus
rectis, vel eos excedunt.

SCHGL,
Si in quadri~
E latexa ABCD
anguli A, & C,
. qut ex adviifs
Guobus veitis de
quantur , (1rca
quadnila.cram
ciick'ys deferibi
pot:fh.
Nam circu=
lus per quofli-
bet




o4

a 23 3,
b byp.

€ 3. ax,
4 31,1,

a go. def.3.
b16. &

EUVUCLIDIS Elementorum

bet tres angulos B,C,D transibic_( ut patebit ex
5.4.2dico eundem per A tranfire. Nam fi neqes,
tranfeat per F. ergd dullis rectis BF,FD.BD;
ang. CF =2 Re&k. b=C—-A ¢ quare A=F.

¢Q.E.A.

Pror. X X1I I
B

T a.s‘uper eadem ve-
alinca AC dus
< /’ \ civculori [eqmein
A C u ABC, ADC
: Jimiia & inequas

Bia non conflituensny ad eafdem partes.
Nam fi dicanter fimilia, duc CB fecantem
circumferentias in D, & B, & junge AD,ac

AB. Quia fegmenta ponuntur fimilia,* erit ang, .

ADC=ABC® Q.E.A.
Paor. XXIV..

Super -

Qa9 veits
lines AC,
DE fmilix
civculorii fe-
gméta ABC,
DEF funt
inter fe -
quali.L
Baiis AC
fuperpofita
' : bafi DF ei
congruet, quia AC=DF. ergd fegmentum
ABC. congruer fegmento DEF (alids enim

. aut intra cadet, aut extra, * atque itd {egmen- -
. tanon. erunt fimilia), contra Hyp. aut falem

patim intra, partim extra,adedque ipfum in tris

»bus pundlis fecabit. b (Q, E. A. ) "proinde fc--

gueam ABCZDEF. Q.E.D.

.Pros.
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-Propr. XXV,
: Cireuls  fegmento
. ABC dato , defiri-

bere civculnm , cujus

eft fegmentum.

ﬂsu tendantur Gt

cunque duz reéte.

AB, BC’ quas.bi-
feca in-D,& E. Ex D, & E dic perpendicu~
hares DF, EF occurrentes in pun&o F. Hoc
erit centrum circuli. s in EE )

Nam centrum 3 tam in DF , quim in EF'2 (o 1.3
exiftit, ergd in communi punéto F. Q. E. F.

Pror. XXV \

@D\J'

F

In equalibus cireulis GABC,HDEF squales an-
o gueli equlibus peripheriis AC, DF in/ fiunt, e ad
+ centra GyH,frve ad peripber B,B conflituti infiftant.

Ob circulorum zqualitatem, et GA=HD,
& GC = HF item per hyp. ang, G=H,
lergd AC=DF. Sed & ang. B*=1G=c} 1 4 "
HbY=E. dergd fegmenta ABC, DEF fimilia, , ,.“;' L
e & proinde paria (unt. f ergd eriam religua fe- 4 1{;. def. 3,
’ émcma AC, DF zquantur. Q.E. D, T e 24 3.

Scholim. £ 3. ox.

D 1 circulo ARCD, fit ar-

cus AB par arcui DC; erit

AD parail. BC. Namdu&ti.

AC,%rit ang, ACEz==CAD.
quare per 27. 1.

¢ G 3 ProR..

a 2‘. 3



66 EUVCLIDIS Elementorsm.
Pror. XXVIL -

' : E : I -eq;uli-
v B bus civculis
- GABC,

: HDEF,az
: gult qui «-

. qualsbus pe-

A lc R F tisheris AC

- ~ DF infi-
Runt,[uat inter fe aquales, fve ad centra G, H,
ffve ad pevipherias B, E conflitusi infiftant.
‘ Nam fi fieri poteft, fit alrer eorum A\GC:“
b ;,}. 3 DHF. fitgge AGI=DHF. e1gd arcus
€ 9. 4%, AP=DF*=AC. Q. E. A.

SCHOL,

Lina y8t
E - A [ EF, que duéts

ex A mcdio fus-
B / G\ to pcripbrriﬁm—

C  lijus BC (fig
culum  tangit ,
pavallela eft ve-
fe lie RC,
qua periphciiam
illam [ubtendit,
Duc ¢ centro
D ad conta-
G&um A re@am DA, & conne&e DB, DC.
Latus DG commune eft; & DB=DC, atg;
-a27.3,  ang, I'DA=CDA ( ob arcus BA, CA "a-
b byp. qifales ) c<ergd anguli ad bafim DG#, DGC
d f;,_"d(f[ zqualcs & dproinde re@i funt, Sed interni an-
e by, guwi GAB,GAF ¢etiam redi funt. fergd BC,
£28. 1. EF funt parallele. Q_E.D.

Pror.



Liber 1IL. - 67
Prop. XXVIIL :
linee AC,

/T
3
’ DF aquales

riphevias auferumt, majorem quidem ABC ma-

f:/;PDEF mr)‘{;norem aujtem AunC minovi DKF,

B centris, G,H duc GA, GC; & HD,HF.

QJomam GA=HD, & ’GC=HF, atque

AC3*=DF; berit ang. G =H., rergdarcus a hyp.

AIC=DKF. ¢ proinde reliquus ABC=DEF. 2 bé& 5
QE. D. d 3. ax.
Pror. XXIX.

In aqualis
bus  ervenlis
GABC,
HDEF &
quales relia

“In equzli-
bus  civeulis
GABC,
HDEF «-

A quales periphe-
A

~ T (4)) riza ABC
K DEF ¢qt¢A:

Irs vefla linee AC, DF f; ubtendunt. ;
Duc GA,GC; & HD, HF Quia GA= .
HD & GC:HF & (ob arcus AC, DF
3 pares ) etiam ang, Gb—H cerit baf, AC=DF, , 1,”
Q. E. b 17. 3.
Haec & tres proximé prxccdentcs intelligan- € 4 =,
tur etiam de codem circulo,

~  Pror. XXX.

Datam peripheriam ABC
- bifariam fegare,

Duc' AC; quam bife-
ca in D, ex ID duc per-
D ¢ pendicularem DB oc-
" eurrentem arcui in. B. Dico faGum, _




-2 5.1,
b : ax.
€33 1.
d ro0.def 1.
€cor. 17, 1,

1.3,

£ 4

EUCLIDIS Elementorum

Jungantur enim AB, CB. Latus DB com-
mane cft; & AD*=DC; &ang, ADpv=
CDB. cergd AB=BC. #quare arcus AR =
BC. Q E. F.

Pror. XXXI.
’ In civenlo mgulus
EF ABC, giin feoni-

. S circmlosrectus cff; qu
antem -in majore fe-
gmento B AC, minw

o 13 I reltos qui verd in mi-

nove [egmento BFC, -

mdjor eff relts. Etiz-

Japer angulus maors

Jegments vcto quie

dem major cft, mige-

vis antem [eamenti anculus, mingr e recte.
Excentro D duc DB. Quia DB = DA, «it
ang, A3 == DBA. pariterang. DCB*= DBC.

dproinde ABC, & EBCredti fune. Q.E. I
tergd BAC acutus eft. Q. E. D. ergd cim
BAC «+ BFCf= 2 Re&. erit BFC obtulus,
denique angulus fub reta CB, & arcu BAC
major eft reéto ABC. falusvero fubCB.. &
BFC peripheria minoris fegmenti , reéto EBC
$minor c¢ft, Q_E.D. .

SCHOLIUM.

- In trimgulo vetangulo ABC , f bypotens't
AC bifecetur in D, civculns centro D , per A de-

* [oriptus tvanfibit per B. ut facilé ipfe demonde

bis ex bac, & 21. 1,

Trotds ' :

- bergd ang, ABC = A — ACB < =EBC, |

i
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© Liber 111 - 69

. Prop., XXXII.
- - Si circulum teti- =~
_ geiit aliqua velta li-
nea AB, 4 contaitx
anté producatur que- -
dam veéta linea CR
F circulum [ecans: an-
¢sli BCB, ECa,
quos ad contingen-
tem fucit, aquales
Junt iis, quii in dlter-
M C B wis ciceuli fogmentis
eonfiffunt y angulis BEDC, BFC., oo
Sit CDlatus angali EDC perpendiculare ad
AB (* perindeenim eft ) bergo CD eft dja~ 2 2.4. 3
meter. “ergé ang. CBD in femicirculo re@tus bl 33_'
eft. d ergd ang, D DCE=Re&, ¢=ECB - 4 32 1
DCE. fergd ang. D =ECB. Q. E. D, ¢ conttr,
Cumigitur ang, ECB - BCA $ =2 Re&.f 3. ax.

b= D"+ F; auler hine indé xquales ECB, & § Ben

z‘ 3.

D, kremanent ECA=F, Q.E.D. - k 3pae.

Pror, XXXIIL
Super da-

ta veila [j-

E nea AB de-

H : Joitbere ciye
. ) Cldi fegmen-

| e,  tumAIEB,
A i guod capiar
. amgui AIB

D G equalem da-

1o angulo ye-
Gilineo C,

2 Fac ang. BAD=C. Per A duc AE per-a 23. 1.
pondicularem ad HD. ad alterum terminum
da:z AB facang. ABF = BAF. cujus alerum
larus fecet AE in F. centro F per A defcribe

circulum , quod tianbit per B (quia ang. FBA-
o . »=FAsB,
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b conflr.
¢ 6.3

d cor. 16. 3.
e 33, 3.
£ confir.

EVCLIDIS Elementorum.

»=FAB, cideSque FB =FA ) ; fegmentum
AlB eft id quod queritur. )

Nam quia H") diametro AE perpendicularis
eft, dtangit HD circulum, quem fecat A B. ergo
ang. Alg¢ = pAD f=C. QE.F.

Pror. XX XI1V. .
A dato cirenla

; AnC fegmentum
: ARC acindere
C capiens  angulum

B equien data

. angwlo - recilineg
' (o T ‘

3 Pac reftam

E F EF, qua tangat
datumtcirculum in A.>ducatur irem AC faciens
ang. FAC=D. Hxzc auferet fegmentum ARC
capiensangulum B ¢=CAF<= D, Q. B. F.

Pror. XXXV,

Siinciveulo FBCA due recta linea AB, DC
[efe mutus fecueiiat 5 reltangulum comp-reben?z



Liber 111, il
fith fegmentis AB, EB unius , ‘equale oft i qued -
fub fegmentis CE, ED alrerins comprebenditur,
reitangulo,

caf. 1. 8i reQe fefein centro fecent, res cla-
ra eft.

2. Siuna AB tranfeat per centrum F, & re-
liquam CD bifecet, duc FD. Bftque Reftang.
AEB - FEq *=F8q.> =FDq¢=EDq +2’5. 2.
FEqd =CEV _ FEq. ®ergo Reang, AEB ‘c"f"’~ 48. 1.
= CED. Q E. D. : a

3. Siuna AB diameter fic, alterimque CD e 3. ax,
fecet inzqualiter, bifeca CD per FG perpendi-
cularem ex centro, - :

ReQang. AEB 4 FEq. ‘

_) fFpq (FDg) N £3. 1.

‘fuqr“ﬁ{‘a $ EGy—+ GDgq. g 47. ¥
FGi-+" GEq+ReQang.CED. b 5. 3.

. *FEq+ CED, ka7, 1.

1 Ergé Re@tang. AEB = CED. L3 e

4. Si neutra retarum AB, COD per centrum

tranfear; per interfettionis pun&um E duc dia-
metrum GH. Per modd demonftrata ReQang.
AEB = GEH =CED. Q.E.D.

Pror. XXXVL

i extra circulum EBC fumatur puntiam ali=
arod D, ab eocu ouncto i civewlum cadant du®
vesia linee DA, DB; qnarum altera DA cisculem

j ({118 >
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a8 3.
b4t
e 6 3

d 3, ax.

a3

b 471
€ 6. 3.

da7. 1.
€ 3. ax,

EUVCLIDIS Elementoruns

fecet, altera vers OB tanges 5 Quod fud tota fe-
cante DA, & exteridis inter puniium D, & con-
vexam peripheriam aflumpti. DC comprebenditisr
vellangulum, _¢Zude erit ¢ 5 quod & tangente DB
ribusér, quadrato. .
def:' cqf ’gi“ fecans AD tranfeat per centrum E,
junge EB; 2 faciet h2c cum DB re&tum angu-
{um; quare DBq+ EBQ (ECq) b= ED)q
e=AD xDC4 ECqdergd AD x DC=
DBq. Q. E. D. . ) _
2. C1f. Sin AD per centrum 'non tranfeat,
duc EC,BB, ED; aq; BF perpend. AD, quare
3bjjeQa cft AC in FDQ HBq b= DEq"
- Quoniam igitug B =S = qb==
El%'.g- FDq% =EFq+ ADC + FCQ i=
ACC -« CEq (EBQ); ¢ crit BDgq= ADC.
Q E. D

Coroll. .
A 1. Hinc, fi 3 pun&eo

quovis A extra circulum
affumpto , plurima linee
reitz AB, AC circulum
fecantes ducantur, rectan-
ula comprehen(a’ fub totis
ineis AB, AC, & partibus
externis AE, AF inter (¢
funt zqualia. Nam'i duca-
 turtangens AD; erit CAF
= ADq’=BAE. "

. Conflat
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2, Conftat etiam duas
retas AB, AC ab eodem |
K pun&o A dultas, qua cir-
B c culum tar(xlgant, inter fe
®quales cffe. A
‘ Nam fi ducatur AE fe-
cans circulum; éric. ABq

*=EAF*=ACq } ;i'. ;

3. Perlpicuum quoque eftab-eodem pun&os
A extra circulum acxll‘umpto » duci tantim poffe
duas lineas, AB;, AC quz circulum tangant,
. Namfitertia AD tangere dicatur, evit AD :
¢c=AB¢=AC. 4 QF.N. €2 eor.
4. E contrd conflat, i duz rex 2quales d & 3+
AB, AC ex pun&o quopiam A in convexam
fe:ipheriam incidant , & earumuna AB circu-
um tangat, alteram quog; circalum tangere.
Nam fi fieri potet, non AC, fed altera AD ¢ 2 ¢mrg
circulum tangat, ergd AD ¢ = AC f=AB.f hp.
5Q. E. A, . g8 3

Pror. XXXVIL U

Si extra circwlum EBEF
fumatur punctum D, ab .

eoque in civculum cadant

F  due veita linee DA, DB;

quarem altera DA civcu-.

B lum [ecet o altera DB in

eum incidat 3 fit awten

quod fub tota fecante DA,

& exterids inter punctuiny

& comvexam periphertai

' affumpta DC , comps:c;’:m-.
iKY TeCH e , quod ab imcudente
di. ur (cc‘.angulum,, equile i{q ba



74 ETVCLIDIS Elmentorum
DB defisibitur quadrate, incidens ipfa DB cir-
Cilum tanzet.
a17. 3. Ex ) * ducatur tangens DF ; atque ex E cenw
b by tro ducD, 1B, EF. QuiaDlq*=+DC
e 36 3. <=DFq, 4 erit DB=DF. Sed EB = EF,
d 1.ax. & &latus D communceft 3 € ergo ang. E£D
~/_"" 8.1 gED, Sed EFD reftus eft, ¥ ergo ERD
f11.ax.  ciam reCtus e, 8 ergd DB tangit circulum,
g cor. 163 Q_E. De -

Corell,
b Hinc, *ang, ¥DB = EDF,

LIB
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LIB. IV.
Definitiones.

20 Toura re@ilinea in figura re&i<
p /inea infcribi dicitur, cim fin-
2 guli ejus fAgure, qua inferibi-
tur, anguli finguia latera ejus
in qua infcribitur, tangunt,
A Sic trizngium DEF -ff in-
Seriprwm in tiiangulo ALC,
. 11 Siniliter & figuracir-
" ca figuram defcribi dicitur,
Ccim ﬁngula ¢jus,qua circums
B E fcribitur, latera fingulos ejus
figura angulos tetigerint, cir-
ca quam illa deferibitur. ) .
ity triangulun ABC eft defcriptum criea
titanculum DEFE. o

. . n F

II7T. Figura reGilineain civculo inferibi di-
citur, ciim finguli ejus figure , qua infcribitur,
anguli tetigerint circuli peripheriam.

1V, Figura verd re&iiinea circa circulum
defcribi dicitur, cim fingula latera ejus, quae cir=
cum/cribitur, circuli peripberiam tangunt,

V. Similiter & cicculus in figura retilinea
infcribi dicitur, cdm circuli peripheria fingula -
latcra tangit ejus figurz, cui inferibitur.

V L Cisculus autem circa figuram deferibi
N H 2 dicitur,
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dicitur, ctim circuli peripheria fingulos tangit
¢jus figurze, quam circumicribit, angulos,

V11 Re&alinea in cir-

- culo accommodari,feu coz-
ptari dicitur, cim ejus cx-
trema in Circuli peripheria

B fuering; ut re&a linca AB.

Prop. 1. Piobl. 1.

In dato civculo
ABC rectan li-
neam AB accom-
C | modare aquiim
date ville linca
| D, quacivenli di-
amero A G nos
" fit major.
2 7. poft. Centro A, fpatio AE=D 2 defcribe circulun
& 3.9, dato circulo occurrentem in B. Erit dudts
bis def L AR ZaE<=D. QE.F. ~

€ wnflr,,
Pror. 11. Probl. a.

" Inda-
tociicu-
{0 ABC
trianzu-
{HABC
defcri-
beve das
to tii-
anculo
: : DEF aquizngiclun,
TR Re&a GH circulum datum 2 tancatin A.
1 b Fac ang, HAC=E; ® & ang. GAB=F, &
junge EC. Dicy factum, Nam




e ————— B s e

_ Liber IV. ' 77

Nam ang. Be=HAC 4=E; & ang. ¢ 22 3. -
C*=GABI=F; ¢ quare etism ang. BAC=D, d -
ergd triang, BAG circulo'infcriptum triangulo ¢ 3* '
DEF zquianguluncafiy,Q. E. F, L

Prop. 1IN Probl 3. -

N .

~ B
ANY,
T E F

L B M
Circa datum civenlem TABC triangulum LNM'
defcribere, dato trianguly DEF equiangulum. ‘
_Produc latus EF utrinque, * Fac ad centrum @ 23. 1.
1 ang. AIB=DEG. & ang. BIC=DFH.
deinde in pun&is A, B, C circulum ® rangant b 17. 3.
tres re&z LN, LM, MN. Dico faftum.
Nam quéd coibune refz LN, LM, MN,
-atque jta triangulum conflituent , pater; <quia ¢ 13. 4%
anguli LAI, LBL ¢re@i funt, adedque du@ad 18. 3.
A B angulos faciet LAB,LBA duobus re&is mi- '
nores. Quoniam igitur dng. ATIB . L ez & Scboh32.y;
Re&f=DEG-DEF; & AIB$=DEG; heric £ 13- 1.
ang,L=DE F.Simili argumentoang M=DFE. § ‘3”."“‘;,"
kerg) etiam ang. N=D. ergd trisng. LNM 33, 1,
cireulo circumfcriptum dato EDE el% zquian=
golum. Q. E. F. T

H 3 Prov,
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b 13,1

€ cnfr,

d 12 ax,
¢ 16, 1,

Py, Berig.

EUVCLIDIS Elementorsm
Proer. IV. 'P(le. ‘4.

Indats trian-
A gwlo ABC cire
cwuin EFG ig-
" feribere.
Duos angu.
los B,& Cibi-
fecarettis BD,
CD cceunti-
bus in D. Ex
F . " Dtduc perpen-
diculares DE, DF, DG. circuluscentro D per
E delcriptus tranfbit per G, & F, tangéeque
tria latera trianguli. : :
Nam ang, DRE*=DBF; & ang. DEBé=
DFB; & latus DB commune eft, ¢ ergd DE=
DE. Simili argumento DG=DF. circulus igi-
tur centro D dejcriptus tranficper E, F,G &
cum anguli ad E, F,G fint redti, tangit omnia
trianguli latera, Q.B.F.

Scholium,

Hinc, cogaitis lasevibus trianguli , invenientus
eovum fegminta, quea fiunt & contaltibus civculi in-
feriptic Sic. . _

Sit AB 13, AC 18, BC 6. Erit AB
BC=128. ex quo fubduc 1B=AC=AE~+FC,
remanet 10=BE+BF. ergd BE, vel BF=y.
proinde FC, vel CG=11, quare GA , vel

Proo»,
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Tror. V. Probl. 5. '
A A

7

. ’} E\
B C
B d .
N
»
.” N
- C
Circa datwm triangulum ABC circulum FALC
deferibzore., ;
Latera quevis duo BA, AC * bileca perpen- -
dicularibus DF, EF concursentibus ia F. Hee 3 1% 171
erit centrum circuli. .
Nam ducantur re@te FA,FB, FC. Quoniam
AD*=DB; & latus DF commune efl; & ang. b conft:.
FDA ¢ =FDB, derict FB=FA. eodem modo ¢ eonft. &

FC=FA. ergo circulus centro F per dati tri- B e
anguli angulos B, A, C tranfibic. QE.F. ¢ * "

Corsll.

¥ Hinc , fi triangulumfueric acutangulum, * 31 3. -
centrum cadet intra triangulum, fi rectangulum,
in latus refto angulo oppafitum; fi denique ob-
tuizngulum, extra triangulum, )

Schol.

Eidem methodo defceibetur circulusy quj
tranfeat per data tria pundts, non in una relia
linca exiftentia. ‘

H 4 Pror,
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aIn t...

b 26. 3.
€ 39. 3.

d 3. 3.
€ 39. defx.

d 34,1,
€ 15, defi 1.
f 39, def. 1,

EVCLIDIS Elementorum

Pror., VI. Priil. 6. .
Indato circulo

: A > T EABCD gus-
diatum ABCD
4 inferibere.
4 Duc diame-
tros AC, BD

fe mutud lecan-
\ tes ad angulos
B ( reftos in centro
E. junge harum
terminos reftis AB, BC, CD, DA. Dico
faGtum, ’
Nam quia 4 anguliad B re&i funt, b arcus,
& ¢ fubtenfz AB, BC, CD, DA pares funt.
ergd ABCD zquilaterum eft; eit’m}ue omnes
anguli in femicirculis, adedque 4 re@i {unt. *ecr-
g6 ABCD eft quadratum, dato circulo infcri-
ptum. Q.B.F,

Pror. VII. Probl, 7.

Circadatum cii=
F G cxlum  EABCD
quadratum FH1G
E defcribere.
Duc diametros
AC,BD fe mu-
tud fecantes per-
ey endiculariter, per
H X harii extrema *duc
Q tangentes consur-
rentes in F, H, 1, G. Dico 6&um, Nam ob
angulos ad A, & C " reos, < erit FG parall.
HI. eodem modo FH parall’. Gl ergé FHIG
eft parallelogrammum; & quidem re€tangulum,
fed & #quilarerum, quia FGI=HI¢=BD:—=
CAY=FH!=GI. quare FHIG eft f quadra-
tum, datocirculo circumfcriptum. Q.E. F,
T SCHQL.

B




Liber I7. 8
SCHOL. :
A EB Quadratum ABCDcir-

culo circum'criprum  du-

lum- eft quadrati EFGH

H F Eirculo infcripe.
Nam reftang. HB=2
c G D HEF. & HD =2 HGF.
. per 4T, 1. )

Pror. VIIL. Probl. 8. - .

A b § D i dato qua-
 drate ABCD cir-

culwm 1EFGH.
1 E T |- in'cribere. :
L : Latera quadra--
- : G ti bifeca in pun-
‘ ' , - Qis, H,E, F, G..
. - junge HF, EG-
B F C fefe fccantesin 1.

: circulus centzo I
per H defcriptus quadrato inferibetur,

Namn quia AH, BF ?pares ac b parallcle , .. ..

funt, ¢ it AB parall, HF parall, DC. eodem b 34. 1.
modo AD parall,. EG parall. TC. ergd 1A, ¢ 33. 1
ID, 15, 1C funt paralldogramma. Ergd
AH=AE—HI=VTI=IF=1G. Circulus i2i-d 7. ar,
tur ccaro I per H. defcriptus transibit pere 340 1
H, E, F, G, tang¢tque quadraii latera, cim an-

guli ad H, B, F, G fint re&ti, Q.E. K

’

; o Mg - Prox,
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PROPJ I x- Tﬂblo 9.

’

A - Circa, dse
- . atwm quadia-
tum ABCD
circulumE A
BCD defirie
bere. '
Duc dis-
metros AC,
BD fecaates
in E. centro
K per A de-
fcribe circu-
. lum. I8 dato quadrato circumfcriptus cft. '
& 401338  Nam anguli ABD, & BAC 2 ie nice&i funt;
bé berg6 EA —EB codem modoEA=ED=
- EC. Circulus igitur centro E defcriprus per

A,8,C, D dati quadraci angulos tranfit.Q.B.F.
" Pror. X. Prob, 1o

Ifofceles
trian; u-
um ALD
sonfiitueie,
quod babe=
ar wtiung
eorum que
, ad  bipim

- funt amgu-

lyrum®B or

ADB du-

plam reli-
. qm A,
B D Accipe
: i quamyis
reltam AB.quam2fecain €,itd ut AB x [ C—
4.Cq. Cenuo A per B deleribe cigeulum A D
1

QN
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in hoc® accommoda BD = AC, & juhge AD. |, 4, 4,
erittriang. ABD quod queeritur.
Nam guc DC; & per CD A «deferibecircu- ¢ §. 4.

lum. Quoniam ABx BC=ACq. 4liquet pD d 37 3.

tangere circulum ACD, quem fecas CD, cer- £ 3% 3
g0 ang. BDC =A. erg6 ang. BDC4CDAf=, 7,7/
A -+ CDA=EBCD. {ed BDC 4 CDA=h 5.1.

BDA P =CBD. kergo ang. BCD= CBD. k 1. az.-

crgd DC!= DB === AC,  quare ang .CDA=1 &- *

A=BDC ., er3d ADB = 2 A = ABD. ) """

Q._E.F
Corall, - .
Chm omnes anguli A, B, Do conficiant § o732.1.
2 Re&, (2 Red. ) liquet Actle § 2 Redt,

Prop,XI. Prolbl. 11,

F
B; =

< Gl H

In dato civculo ABCDE peatagonun aqulaie-.
ym <& aquiaingelu s AKCDE inferibove.

2 Defcribe triangulum liofceles FGH, babens
usrumque ang;l(orum ad baftn duplum anguli
ad verticem: ® Huic 2quiangelum CAD inlc.i-
be circulo. Angulos ad bafin ACD, & ADC
¢ bifeca redtis DB. C& occurrentibus circunife-
rentiz in B, & E. conncdterettas CB,BA,AL,
ED. Dicofadum.

Nam

axoq).
b 3 4.

C 9. 1.
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d 26. ;;

€ 29. 3.

far3.
g 3.6x,

Petr, Herig,

EDCLIDIS Ele-'mmamm

" Nam ex conftr.liquet quinque anzulos CAD;
CDB, BDA, DCE, ECA pares etle; quare ¢
arcus® & fubtenfz DC, CB, BA, Af, DE x-
quantur, Pentagonum igitur 2quilaterum eft.
Eft verd etiam zquiangulum, fquia cjus anguli

.BAF, AED &c. infiftunt arcubus ¢ xqualibus

BCDBE, ABCD, &c.
Hujus problematis praxis facilior traderur ad
10,13,

Cw_oll.

Hinc, angulus pentagoni xquilateri & 2qui-
angulifzquatur} 2 Redh.vel § Rect, '

Schal..

Vniverfuliter figura impaiium laieruminferibun-
tur ciiculo beneficio rviangulorum 1fofcelium, quom
yum angud @quales ad bafim multiplices funt eovum,
qui ad veiticem (unt angulovuns partam verd Lites
rum fiiure in cioculo vafcribuntur ope Yofeclium tria
an ulorum, quosim anguli adbafim multiplices [i(-
quialteri[unt corwm, qui ad veriicem funt, anguls-
TUnt, ‘

[ Ut in-eriangu’e Tlofce-
le CAB, fi ang A =3
€ =B ; AB erit larus
Heptagoni, Si A =4 C3
eriffAB latus Euncago-
ni, ¢, Sin verd A —

A 1£C, erit AB latus qua-

. drati. Bt i A= 2i.C

fubtendetr AB {cxtam partem circumfercnriz; pas
r‘i:c’rquc_ i A= 35 C; crit AB latus o&agoni,

" ) 4

8

Pron,
¢

b

|
l
|



Liber IV. ’ 83
Pror. XI1. Probl.xz. »
' &

" ivca datum civew'um RABCTDE pentagornm
equilaterum & equiangulum HIKLG deferibere.
3 Inferibe pentagonum ABCDE #quilaterum 4 14, 4,
& ®zjuisnzulumg duc écentro re&tas FA, FB,
FC, FD, B¢, iisyie totidem perpendiculares -
GAH, H 1,1CK, KDL, LEG csncurrentes.
fapunitisH, 1, K, L, G, Dico falum, Nam
quia GA, GE ex uno pun&a G Prangunt circu- b cor. 16. 3
lum, ¢ eri: GA = GE. 4 ergd ang. GFA = ¢ 2.0r.36.3,
GFR. erod ang. AFE = 2 GF3, codemmo-d 8.1, -
do ang, AFH — HFp; & projnde ang. AFB=
2 AFH. Sedang, AFE¢—= AFB. fersd ang. € 27.3.
GFA= AFH. fed & ang. FAH 8 = FAG; f 7.0%
& latus FA eft commune , b ergo HA = - G=§} 26, f‘
GE = EL, &c. * ergd HG, GL, LK, KI, k 2. ax,
B iatera pentagoni #qrantur: fed & anguli |
etiam, utpote! zqualium AGF, AHF, &c,du-132.
pli; ergd, &e.
 Coroll.
Eolem padto, Siin circulo quacanque fizura
zquilazera & zquiangula deleribatur, & ad ex-
tiema femidiameirorum. ex centro ad angulos
. ; L duda~
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as

b hy.
¢ confire
d 4.1,

¢ bp.

f 12, ax.
-4 26, L.

ETUCLIDIS Elementorums.

duttarum, excitentur linea perpendicularcs, he
perpendiculares conftituent aliam fizuram tori-
dem laterum & angulorum zqualium circulo
circumfcriptam,

Pror. XIIL Prbl. 13.

Indato penia-
gone equilateng
& aquianule
ABCDE i
iwm FGHK ine
feribere,

Duos penta-
goni angulos A,
& B 2 bijeca re-
&is AF, BF c6-
currentibusinF,
Ex F duc perpendiculares FG, l?H, Fl, FK,
FL. Cicculus centro F per G deleriptus tanget
e.nnia pentagoni latera, -

Duc EC, FD, FE. Quoniam BA b = RC;
& latus BF commune eft; & ang. FBA ¢=
¥BC, derit AF=FC; &ang. FAP=FCB.
Sed anz. FAB « =1 BAB ¢=4 BCD. ez
ang. FCB = §{ BCD. eodem modo anguli toize
les C, D, E omnes bife@i funt. Quum igirur
ang. FGBf = FHB; & ang, FBH = FBG, &
latus EB Gt commune, Serit FG = FH, fimili-
ter omnes FH, FI, FK, FL, FG 2quantur, er-

o circulus centro F per G delcriptus tranfit per

heer 163 H, T, K, L; * tangitque pentagoni latera, ciun

anguli ad ea puncta fint reti. Q. E. F,
Coroll.

Hine, i duo anuli proximi figurk 2quilice-
r2 & quiangulx bifecentur,& 2 puncio,in juo

<oeunt linex angulos bilecantes, ducancur recie

- - linex
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linege ad reliquos figurz sngulos, omnes anguli N
figura erunt biledti.

Schol.

Eidem methodo in qualibet figura aquilaters
& xzquiangula circulus defcriberur, ‘

Prop, X1V. Prob. 14,

Circa ditum Pentagonum aquilstivum, & g
quianguium ABCDE circulum FABCD defivie
beres
Duos pentagoni angulos bifecare&tis AF, BF
concurrentibus in F. C'rculus centro F per A
defcriptus pentagono circninfribitur, :
Pucantur enim FC FD, FE. *Bile&i itaqs , ,,,. 13t
funtamuli C, D, E. "ergd FA, FB. FC FD y ¢ ;.
FE zquantur.ergd circulus centro F deicriptus,
per A, B, C, D, E, pemagoni angulos trans-
ibite Q. E. F.

. Schol.
£ dden’arte circa quam'iber fizuram xquilss
" geram, & aquiangulam ciiculus deicriberur,

32 Baox,
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Pror. XV. Probl. 15,

A In dato civculo G~
ABCDPEF - hexagor
nm & equilateuin,
F & aquiangulum AB-
CDEF inferibere.
Duc diametrum
AD, centro D per
g centrum G defcribe
circulum , qui datum
fecerin C, & E | duc
diametros CF, EB.
junge AB, BC,CD,
DE, EF,-FA. Dico
factum,
s N Nam ang. CGD * =} 2 Reét * =DGEb=
bss. 1. AGF'=AGB.cergd PGC=12 Re&. =FGr,
: ‘1‘6’"3‘ L ¢ ergd arcus =& (ubtenfz AB, BC, CD, D&,
e 29, ; EF @quaitur, Hexagonum igitur zquilaterun
£ 37.3. eft: fes & zquianguium, Fquia fingwli ejus an-
guliarcubus infiftunt zquaiibus, Q. K. F.

Cavoll..

1. Hinc latus Hexagoni circulo infcripei femis

diamerro z(guale eft,
3. Hinc facilé wiangulum zquilaterum ACE
in circulo deleribetur, '
. ' . Schol. Probl..
Andv. Tacq.  Vexaronum orinatum fuper datd vefti CD iz
at . confbrues, * Factriangulu n CGD.2quilaterun
fuper data CD. centro G per C, & D deferi-
be ciccutum, Is capiet Hexagonum fuper da

+

)

& .
Drown



Liber 1V. © . 8
Pror. XV I Probl.16, ° E

In dato civculo ARBC quindecagonum aqulas
 tetum & aquianyslum infcvibere.

Dato circulo? infcribe pentagonum zquila-g 4q 4, -
terum AEFGH; P jtémque triangulum 2qui-y 5
larera AR C. erit BF latus quindecagoni quafiti,
-~ Namarcus AB<eft §, vel 3 peripheriz cu- ¢ emfir.

jus AF eft § vel f; ,ergd reliquus BF == i pe-
riph. ergd quindecagonum cujus latus BF, 2.
quilaternm eft; fed & zquiangulum, ¢cim fin-d 37. 5
‘guliejus anguli arcubus infiftant zqualibus;
quorum unusquifque eft +4 totius circumferen=
tiz, ergd, &c.

Scbol. :

Circulus di C4,3,16 &c.per 6,4,& 9, 1.
viditur Geo- )3,6, t2, &c, per 3¢, 4, & 9,1,
metricé in §510, 30,&¢, prr'11, 4, & 9,1,
partes (15,30,60,&c.per 36,4 & 9, 1.
. Caterlim divifio circumferentiz in partes datag

etiamnum defideratur; quare pro figurarum qua-
rumcung; ordinatarum confiruionibus fzpe ad
mechanica artificia recurrendum eft, proprer
quz Geometsz pra&ici confulendi funt,

13 - LIB



LIB. V.
Definitiones-

Ars eft magnitudo magnitudie
4 nis, minor majoris ; cum mie.
1 nor me: itur majurem.

11. Muitiplex autem eft
major min-ris, clim minos
metitur majorem. e,

II1. Ratiooft duarum ra:pit:dinum ejul- r
dem gerferis mutua quaedam lecunddim quanti-
tatem habitudo, ’

In oinni vatione ea quantitas, que &d aliam ye-
Sertur, dicitur antocedens ationsyea verd, ad quam
alia viferiury confequens vationis dici folet. ut in
ratione 6 ad 4; antecedens eft 6, & coinlequcns 4,

. Nota, -

Cujusque rationis quantitas innetefcit dividendo
antecedentem per confequentem. ut ratio 12 ad §
effcrtur per 1§ item quamtitas vationis Aad Bef ‘
%. Quare wen varo brevilatis causd , quantitas
rasionum fic defignamus, -3 vl =, vel = g’i

boc eft ratio A ad B major eft vatione C ad D,
vel- ¢ equdis, vel minor. Ruod probe amim.i-
wertat, qui/quis bac legere volet.
Rationis, ffue proportionss [pecies ac divifiones vie |
&e apud intcrpretes,
1 V. Proportio vero eft rationum Ginilitudos
Rellins que bic vertitur proportio, propostions-
litas, ffve analogia dicitur 5 nam projortso idem de-
norat quod ratio, wt plevisque placet.
- V. Ratjonem habere inter {e magnitudines
dicuntur; quz poffunt multiplicatz fe mutuo
- fuperare, »

- : VI I



Liber V.

E,14]A, 4.B. 6.[G.2¢. VI. In e2
F,3..1C,10.D,y15. | H,60, dé ratione ma-
_ grivudines  die
cuntur effe, prima A ad fecundun 13 & tertia
C ad quartum Dj cim primx A, & tertie C
2quemulriplicia £, & F 3 lecunde P, & quare
t2 D equemn'tiplicibus G, & H, qualicing;
fic hec multiplicati~, wtrumque E, F ab utrog;
G,H vel una deficiunt, vel und zqualia funt,
vel uni excedune, 6 ea iumaatur E, G, & F,H
quz inter fe refpondent. ' '
Hujns poia oft 12 out ALB 2 C.D. bos off
AudB, & C ad D incadem funt vatione. ali-
wwado fic fusibimn & =g id eft, AB:: C.Ds
VII Eandem autem babentes rationem ( A.B::

C.DY proportionales vocentur, ’

E,30.1 A, 6. B, 4.1 G,28.  VII. Cim
F,60.| C,12. D, 9. | H,6.3. verd zqiemul-
- tiplici@, B mule
tiplex prima magnitudinis A exceflerit G mul~
tiplicem fecunde B; at F multiplex tertiz C
non excellerit H multiplicem quartz D5 tunc
prima A ad fecundam B majorem rationem

habere dicetur; quim tertia C ad quartam D,

A . o
Sig :'-g » neceffarium non eft ex bac definitio-

e, ut B femper excedat G3 quuwm F minor ef
guam Y fed conceditur boc fieri poffe.

I X, Proportio autem in tribus terminis pau-
ciffimis confiftic, Quorum [fecundx oft inftar
duorum. '

X. Cim surtem tres magnitudines A, B,C
Proportionales fuerint prima A ad tertiam C
duplicatam rationem habere dicetur ¢jus, quam
habet ad fecundam B: at quum quatuor magni-
tudines A,B,C,D, proportionales fuerint.prima
Aad quartam D triplicatsm rationem habere

dicetur

91
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EUCLIDIS Elementoram

dicetur ejus, quam habet ad ivcundam B; &
femper deinceps uno amplius, quamdiu propor-
tig extiterit.

. . ., A_A
. Duplicata ratio exprimizur fic ¢=g bis. H&
eft, ratio Aad C duplicataet vation:s A ad B..
o A .
triplicata autem fic -3-:5 ter, id cftyratio A ad

© D triplicataeff vation's A ad B.

i denotal continué proportionales.ut A,B,C,Dsi

- item 2,618, 64 funt =

X1. Homologz feu fimiles ratione magni-
tudines dicuntur, antec:dentes quidem antece-
dentibus, confequentes verd confequentibus,

Ut iA.B:: C.D;tam A,& C; quimB &
D bomologe magnitudines dicuntwr. ;

X 11, Alterna ratio, eft fumptio antecedentis
ad antecedentem , & confequentis ad confe-
quentem,

#: fit A B2 C.D, ego alterné, vel permu-
tando, vel vicifim A.C :: B.D. per 16.5.

In bac definitione, €& §. [equcntibus imponuniur
momina fex modis argumentandi, quibus mathem.-
tici frequenter utuntir; quarum ilationum vis in=
wuititmr propofitionibus bujus bbii, qua in explica-
tionibus citantur.

“X 111, Inverfa ratio, eft fumptio confequer-
tis ceu antecedentis, ad antecedentem velut ad
confequentem, ;

vt A B C.D.ergd smiversé, B.A :: D.C.
per cor. 4, €,

X1V, Compofiio rationis, eft fumptio an-

tecedents cum confequente, ceu unius, ad ipfam
confequentem. .

#: A.B::C. D, ergo componendo,A—+B.B ::
C..D.D. per 18. 4. o cmpe s

X V; Divifio rationis, et fumptio excefsis,
quo confequentem fuperat antecedens, ad iplam
confequentem, - us

|
|



Liber ' V.
.t A.B:: C. D. ergo dividends, A-B. B ::
C-D. D, per17.5.

X V1. Converfio rationis, eft fumptio ante-
cedentis ad exceffam , quo fuperar antecedens
ipfam confequentem, ‘

ut A.B 2 C. D, ergd per converfam rationem,
A.A-B:: C,C-D. percor.19.§.

X VIL Ex zqualitate ratio eft, fi plures
duabus fint maznitudines, & hisaliz multitu-
dine pares, quz bine fumantur, & 'in eadem
ratione; cim ut in primis magniradinibus pri-
ma ad ultimam, fic & in fecundis magnitudini-
bus prima ad ultimam fefe habuerit. Vel aliter:
fumptio extremorum , per fubdutionem me-
diorum. :

X V 111, Ordinata proportioeft, ciim fue-
rit quemadmodum antecedens ad confequentem,
it antecedens ad confequentem: fuerit etiam ut
confequens ad aliud quidpiam , itd confequens’
ad aliud quidpiam. -

vtfi A.BuD.E,item B.C::E.F. eritex
eqn A, C:: D.F. per23. 5. ‘

X I X. Perrurbata autem proportio eft 3 clim
tribus pofitis magnitudinibus, & aliis, qua fint
his mu'titudine pares, ut in primis quidem
magnitulinibus fe haber antecedens ad confe-

quentem, itd in fecundis magnitudinibus ante~ -

-cedens ad confequentem :. ut autem in primis
magnitudinibus confequens ad aliud quidpiam,
fic in fecundis magnitudinibus aliud quidpiam
ad antecedentem,

%tfi A.B:: F.G. item B.C::E.F. esitex
aqun perturbaté A. C 2t E. G, per 23. 5.

X X. Quotlibet wagnirudinibus ordine po-
ficis; proportio prime ad altimam componitur
¢x proportionibus prime ad {ccundam, & fe-
cundz ad tertiam ,& tertiz ad quartam, & itd
deinceps, donec extiterit proportio. s

- int

’
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a2, an,

EUCLIDIS Elementorum

Sint quotcunque A, B,C,Dj ex hac def,
A_a B_C.

Axioma.

Equemultiplices eidem multiplici funt quog;
inter le zquemultiplices,

_ P&o}.l.
A_G W _BLE_

e

c 1L KD g
e e mmee I s

Si fint quorcurque magwiudines AB, CD
quotcunguz magmindimum E, ¥ equalium munero,
fugule (imulaium, aquema'tiplces s quam multin
plex eff untss B wna magmiinds AB, tam multi-
plices eiunt & omnes AB+CD- omnium E+F,

Sint AG, GH, HB partes quantitatis AB
ipfi B ®quales. item CI,IK, KD partes quan.
titatis CD ipi F pares. Harum numerus il
larum numero 2qualis ponitur. Quum igitur
AG4+CIP=E_.F;* & GH+1K=E-F;* &
HB 4+ KD=EF,liqu.t AB4CD 2qué muie
toties continere E—+F, ac una AD unam E con-
sinct, Q. B. D. -

-

Pro>,



Liber V. o5
Prop. 11, .
Vi prima AB fecunda C aqué
s o fueric mudtitlex, atgue tesiia DR
. qirrta ¥s furvit agres 1> quinta
3 BG fecunie C aque maluplex,
atqu: fext1 EH quarta ¥, wit
& compofica [rima cum quinia
(AG) frcunie C aqui »iilti=
B Et - Plex, atque teisia cu.n fexia (DR)
guarre F, :
Numerus partjum in A1 ipi
l 1 C =zqualium zqualis ponitur
¢ ©F numeo partium in DE iph F
: #qualium. Item numerus par-
tium in BG ponimur zqualis numero partinm
in EH. 2 ergo numerus partium in AB+BG a2, ax.
xjuatur numero partium in DE+EH. hoceft

tota 2G xquemultiplex eft ipfius C, atque.to- =

ta GH ipfius F, QPE l)_P aete
Propr. III. .

- ) Sit prima A fecunda B

equemuliiplex, atqu: tetia C

guarte D fumanur autems

M El EM aqumsltiplices pri-

ma O tertie; et O ex

LH aquo, fumptarum utvaque wii-

L usque aquemudtipiex : altera

. guidem EX fesunde B, altera

anters ¥M quaree D,

: Sint EG, GH, HI par-

) tes multiplicis EY iph A

- . pares; item EK, KL,LM

partes mulriplicis FM ipfi

C zquales. *Harum nume- a byp

L 1 t I rus illarum nm‘;xcro acqual-l

p tur, porrd A, id eft EG,ve
eNHB FCD GH,Pvcl GI ipfius B poni-

tur 2quemultiplex atque C, vel FK&e, ipﬁhus D;

- . bergo
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¢35,
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EvC-LIDIS Elementorum

b ergd EG —+ GH aquemultiplew eft fecunda
B,atyue i K -« KL quartz D. ¢ Simili argu-
mento EI (EH —+ HI) tam multiplex eft
ipfius B, quam FM ( FL «+ LN ) iptus D.

Q.E D

1

Pror. IIII,

r

o

Si prima A ad fecundam B
eandem habuerit vationem , &
tertia C ad quartam D5 ctian
E & ¥ wquenmultiplices primea
A, & tertie Cy ad G, H
aquemultiplices fecunde B, &
quarte D, juxta quamuis mul-

* tiplicationem, eandem habebuiit

vationem, [i prout iuter [e ve-
fpondent , ita (umpta fuciints
{ E.G:: F.H.

Sume1, & K ipfarumE, &

M E; item L & M ipfarum G,&

H xquemultiplices. * Erjtl
ipfius A 2quemultiplex arque
Kipfus C 3 * paritérque L
tam multiplex ipfius B quam °
M ipGus D. Ttaque cum fic A.
Bb:: C.D; juxta 6def, fi
I, =, =2 L confequenter
pari modo K ., =, M,
ergocim I, & K ipfarum E,
& F fumptz fint @quemulti-

plices,atque L, & M ipfarum G & H; erit juxia
7.def, E.G:: FEH. QE.D. ~ '

Qoo

Hinc demonfivar folet inverfaratio,
Nam quoniam A.B:: C. D, E =, =,m
¢ 0 6defis. G cr;;hmiugqx Feo,=, =2 H. ergo liquer,

quod
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qQuid iGge, =, —E
fergdB.A:: D, C. Q. E. D,

[ Y

' Lih;; V.

Pror. V. v .
a  Simagnitude

'GA._,_. ' .ii:—‘zm itudi-
: C ) Bnirgafgcqué

Sucrie multiplex, atqs ablata-AE ablate CF; etiam
reliqua BB relique FD 1A multiplex evit, uttota
"AB totius CD.

Accipe aliam quandam GA, qui relique FD
it fit muleiplex, atquetota AB totius CD, vel

ablata AE ablate

totius CF;+ FD ®quemultiplexeft,ac una AB .
unius CF, hoc eft,acAB ipfius CD.b ergd GE="b 6. ax. |
" AB. «proinde, ablard communi AB, manet GA ¢ 3. 4=

=EB. ergo, &c.

. Dy
B

3 H]L

il

AEFC

" Propr. VI _
"Si dua magnitudizes AB CD

, et Hey=, = F.

- 97

dé. df)’- 5.

F. 2ergd toa GA + AR L S

drarum magnitudinum B, F fnt =

wemultiplicess & detralia quadam
]qfnt,AG & CH,earundem E, & F
equemuliiplices, & relique GB,
HD eifdem B, F aut aquales ficns,
aut aque ipfarum multiplices.

Nam quia numerus partium in
AB ipfi E 2qualium ponitur -
qualis numero partium in CD ipfi
F zqualium. Item numerus par-
tinm in AG zqualis numero pat-
tium in CH. Si hinc AG, indé¢

CH detrahatur, * remanet numerus partium in & 3. ex,
reliqua GB zqualis numero partium in HD,
ergo (i GB it E femel, erit HD etiam C femcl,
$i GB fit E aliquories,erit HD etjam C aliquo-
ties accepta, Q. E. D, - o

K “Prop:



o3 -
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b 6. def. 8.
-

Ccor 45,

a cnt.,

by,
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EVCLIDIS Elementoram

Pror. VII,
' " efqualcs

CF_q F M—*—— Cd]ldeﬂl e
'B\——-—-—Q E '———‘-—-—‘ e.miem bae
beit rationem, & eademy C ad equales A & B.

Sumantur D, & E zqualium A, & B xque-
multiplices; & F utcunque maltiplex ipfius C,
3 erit D =E. quere {i D g, =, F, erit fimili-
ter Ecmy=,—aF.Pergd A. C:: B. C, inveri
igitur C, A<:: C.B. Q.E.D.

. “Schel.

Si leco multiplicis F fumantur duz =que-
mul:iplices,codem modé oftendetur aquales ma-
gnitudines ad alias inter fe @quales eandem hate-
re rationem. .

Pror. VIIIL
Inaqualium magwitudinumt AB, C,
major AT ad eandems D majorem vatio-

E wem habet, guim minoy C. €t eadem D

{ ad minorem C majorems vationem bag.t,
guam ad majorem AB. .
Ex majori AB aufer AE = C. fu-
matur HG tam multiplex iptius AE,
CD vel C, quim GF reliqua FB. Mul-
HIY tiplicetur D, donec ejus muliiglex 1K

quam HE,

- 4. Queniam HG ipfius AE*:am mul-
T - tiplex cft,qudm GF ipfius EE, b erit
tora HF totius AB 2quemultiplex,

. T camHF 1K (quz muliplex eit
4‘6 ipfius D) fed IEI% ] IKEZ ¢ arit
Az AB C

T 4 pep QED

LF K . Rurfus

N

major evadat quam HG, fed minor

atque una HG unius AE, vel C.erzgé

pry



' Liber V. o9
. Rurfusquia TK o2 HG, at IK =3 HF (ut :

rius ditum) derit D D
P % & i QED. -

Pror. IX, ,

- Lua ad eandem eandem habent vationem,

aquales funt inter fe. Et ad quas eadem ean-

dem habet rationem, e quogue funt inter [e
aquales. X Cs

1. Hyp. Sit A.C::B.C. dicoA=B.

Nam 6t A ¢, vel =3 B ,2 erit ided 5 g5,

ABC X )
ok vel = ;. contra Hyp.

2. Hy. Sit C.B:: C, A. dico A=B.nam
fit A B. bagdC C bt s,

f-r K contra H)'P.

Pror. X.
Ad candem magnitudinem vationem ba-
bentium, que majorem yasionems babet, il

major eft: ad quah verd eadem majorem ra-
tionem babet, ilia minoy eft.

LA Bl
ABC I Hp Slt-(-:n:-é DxcuA;B. Nam
fi dicatur A=B, %ritA.C:: B, C.contra s 7. 5.

. .A B . - .
Hyp. Sin A=2B, berita = T Giam cc;;m-a b 8.5

, c ¢ (Hyp.

2. Hyp. Sie S gr 5 Pico B2 A Nam dic
*B=A.cergd C.B:: C. A. contraHyp, vel €7 5

-, C N
dic B :‘A.iefgozc'%eﬁam contra Hyp. d 2.7,

K2 ' ~Pror.
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a hep.

bs dt‘f Se

cé6. (rf‘ 5.

ETUCLIDI1S Elementorum.
: Pror. XI.

G H I-
A C B
B D F
X L e M

- Due cidem funt eadem vationes, ¢ inter [e funt

exden.

Sit A.B::E.F, item C.D :: E.F. dico
A.B: C.D, (ume iplarum A, C,E @que-
multiplices, G,H,1; atque ipfarum B, D, F
zquemultiplices K, L, M. Et quoniam
*AB:E.F i Gr,=,=, K. b erit pari mo-
do I=,=;'M, paritérque quia * E.F :; C.D.
$i 1 e7,=,=—2 M, ®erit H fimiliter —.—, =L,
ergé i Goy=, =2 K, erit fimiliter H e, 2=,

-=3, L. ¢ quare AB:: C.D: Q.E.D.

Schol.
Qua cildem rationibus funt ezdem rationes,

.funt quoque inter {¢ cadem.

| Pror. XIL
G H -1
-A C B -
K L M

i fint magnitadines quotcunque A, & B; C &
D; E, & F proportionales; quemadmodum (e ba-
bucrit una antecedentium A ad wnaoh confequcr-
tium B, it [e babebunt ommes antecedentes, A,C,E

" ad omnes confequentes. B, D, F.

Sume antecedentium zquemultiplices G,H,JT;
& confequentium K, L, M. ‘Quoniam quim
multiplex eft una G unius A, * tam muleipli-
ces funt omnes G, H, I omnium A, C,’E; pa-
ritérque quim multiplex eft una K unius B,
# ram multiplices {unt omnes K, L,M omni-
um B, D, F; SiG ey =, K, erit fimilirec

G
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GaHale,= K 4+LM bquacth &de 5.

A-BzA—rC-tl‘.. B+D+F. QE.D. .
 Caroll.

Hinc, § fimilia proportionalia fimilibus pro-

p:lritiomubus addantus , tow erunt’ propostio-
n -

Pror. XIIT.

G H I
A C B
B D~ | —
K L M

Sk prima A ad feoundan B eandem babucrit
vationem, quim taitia € ad quartam D, tertia ve-

- vo C ad qugrtam D majorem babucrit vationens;

quim quinsa E ad fextam F; primaquogue A ad
[ecwrdam B majorem vationems babebit, quim quine
ta B adfextam F,- -

Sume iplarum A, C, B zquemultiplices
G, H,1: iplarimque B, D, F aquemultiplices
X,L,M. Quia A.B::C.D; SiHeL,erit
GrK. Sed quia -g:'-‘;-, b fieri poteft ut fit
HeL, &1 nonc-M. ergd fieri poteft ut

GcK, & Inonc M. ¢ergd Ai-r,—% «-QR.D,

SCHOL. .

.- Quid 6 S, et quogspaf . Tem
A A_C_ & .
%:—%;—g-.em%r%. & ﬁ;":\g-:s erit

A __B
;'J;.

Ky Paor,

a 6. dsf 5.
b 8.def. 5.

¢ 8.def. 5,
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at.s,
b byp.

€ 13. 8.

d 108, -

€7.5.-
f byp.

E45&95.

EVCLID 1S Elementorsns
Pror. X1V.

babucrit rationtm, quim tertia C ad
guartam D; primavers A, quim tertia
C wmajor fuerit, erit & fecunda B major
quam quarta D. LQuod i prima A fi~
erit equalis tertie C, erit & [ecunda B
l wqualis quarte D3 f[uerd A minor,dr B
miner evit,
N Sx;A - C. *ergd % :—% . bled

ABCD g=5, ¢ergd -g:-nc, dergd BD.

Simili argumento i AC, d erit E—5D. Sin
ponarur A=C; ergd C.Be:;: ABf::C.D.
s ergd B=D. Quz E.D. ' '

SCHOL.

A fortiori, fi 3-—;195, atque A= C, erit
BeD. IemGA=Bert C=D. Bt 6 AL,
vel =3 B, erit pariter C =, vel=2 D, ,

Pror. XV.

B Partes C 8&F cxmpaviter multipli~
b |¥ cibus AB, & DE in eadem funs raii-
one ;5 f§ prows fibi mistud ve[pondent, itd
Jumantur. ( AB. DE :: C.F.).
4@ M Sine AG, GB partes multiplicis
{ AB ipfi C zquales: item DH, HE
artes multiplicis DE ip6 F zqua-
es.* Harum' numerus illa:um numes
-1 ro zquatur, ergd quum ® AG. C::
ACDF DH.qF; bag; %OB.qC s HE.F cerit
&G*GI; (AB ). DH+HE(DE):: C.F.

Pror,

Si prima A ad fecundam B eandems

|

1
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Pror. XVI.
f‘. ety (~ i ame.
el . "‘\,‘ Pm———a
E > VE e e

St quatuor magnitudines A, B, C,'D pigsarti=
onales fuerints @ visifim pioportion-les evunt.
(A.Cu:B.D.)
Accipe E, & F 2quemultiplices ipfarum A;
& . iplarimqué C, & D.zquemultiplices G,
& H. Iraque E.F* 1 A,B.*:: C.D*::GH. 2 5 &

.. R b kyp
Quare fi B o=, =,~2 G, < erit Gmiliter Fomzs, ¢ ) &
— H. ¢ ergd’ AC: R.D. QE.D. . :4”; ;
SCHOL. ro dsidf s

Alterna ratio locum tantim haber, quando
quantitates ejufden funt generis, Nam Hetere--
genea quantitares non comparantur,

Pror. XVIL
IN Si compofitd magnitwdines pro-
poitionales fucvint ( AB. CB::
DE. FE ) ha quogue divife pro-

15 ° portionales evunt. ( AC.. CB x
L - DF.FE.) :
! Accipe GH, BL, IK, KM

M~ ordine 2quemaltiplices ipfarum

AC, CB, DF, FB, item LN,

MO xquemultiplices ipfarum

CB, FE. Tom 6L totius 4B,

3 2 tam multiplex eft, quim una a 1, §:
H L GH un-ius AC; ¥id eft quim b cvnﬁr‘.

p X | IK ipfus DF; ¢hoceft quim e 1. 5.
: tota IM. totius DE: Irem HN

Ex ( HL_+LN)ipfius CB 4 2que- 4 2. s.
t multiplex eft,ac KO.( KM_+
D

‘MO ) ipfius FE, Quum igirur
I per hyp, A% BC :: DE.EF.
Si GL g~ =, -2 HN, etiam fi-

4. miljtes
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¢ 6 def. 5.

fs. ax,
B 6 dofs.

a1y, 4.
b iy, &

(YR

€ 14 %,
dg o

Ll
-
~~

g5
RN

L A
T o
R

*

EVUCLIDIS Elementorum

militer ¢ erit IM =, =, KO. aufer hinc in-
de 2zquales HL, KM, fireliqua GH c~=,—

LN, feric fimilicer 1K c,=,-a MO, son-

de AC.CB::DF.FB. Q.ED.

. P;or. XVIII.f
Si divifa itudines fint propertise
o ™es (AB.BC :: DE. EF ), he quog; -
- compofite  propertiomales erunt ( A“g.
5 CB :: DF.FE.). v
A L Nam fi fieri poteft, fit AB.CB ::
DF. FGmFE. crgti erit divihim
‘AB.BC :: DG. GF. *hac eft DG.
GEF :: DE. EF. ergd cim DGDE.
AD cerit GF c- EF. Q.E.A. Simile
ablurdum fequetur, i dicatur A8, CB :: DE.
GFc FE. :

<

B

Pror. XIX.

S Si quemadmodum w.
A-————ITP x tam AB ad totum DE
D e iti ablatum AC [e ba-

' bucrit ad ablatum DF;

¢ reliquam CB oad reliquun FE,ut totum AB
ad totum DB, fe babebit. .
Quoniam * AB. DE :: AC. DF,® erit per-
mutando AB.AC :: DE. DF, <ergd-divifim
AC.CB.: DF. FE. quare rurfus * permutan-
do AC.DF :: CB.FB; ‘Hoc ¢t AB DE ::

CB FE. Q.E.D,

1. Hine, fi fimilia proportionalia Gmilibus
proportionalibus fubdiantur, refidua eruat pro-
portionalia, . .

2. Hime, demonfiyabitur converfa ratio, -

Sit AB. CB:: DE.FE. Dico AB. AC :;
DE. DF. Nam® permutando AB DE :: CB,
FE. bergd AB. DE :: AC. DF. quare frerum
pemutando, AB. AG:: DE. DF. Qg. D,

20P.
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Pxor. X X.

Si ﬁnmesmagmuduu ABC;, ~
& ale D,ESF ipfis nzudu HH~ .
wnicre, qua bine & in cadem vatic- .
aefmmw A.B:: D.E; atgue
‘ B.C::E.F)g ex aquo autein
prma A major }uau, qudm teriia
C; mté'quamD magor quim
j'exta F, Quod fi prima A tertia
wuerit is 3 erit & quaria

nCDEP qulula; F,Smsllz mim
nor, bec quoque mizor erit.,. -

T, Hyp. SiAc C. Q.gomam'E F :B.C. ”JJP
berin mversé F.E: C.B ‘Sed-":—- dcrgéb “fU-
=4 vcl -erga D:-.F QE.D. gﬁwl”

2, Hyp. Sxmili argymegto, Sx A'jC oﬁen—e 10.5. »
d&tur D F, " c. FE Bl S,

3.-Hp. SiA= oniam, E:E
'*AB”D*E.Iem &F. Q'_ED e

Pxor; X1

8i frut tres maggitudines A ,B,C;
& ahe DE, ¥ ipfis cquam -
mero, qus bmc & an eadem vatio-
1o p e fumaniyy , fumzqu periuvbata
I eorum propertio, (A.B:: E.F,
atgue B,C :: D, E. ) ;5 ex aquo
autem prima A quinm tertia C ma~
Jor fuerity trit & guaita D guim
ABCDBP Jexta E ’M)W, &l_&adﬁ prima.
‘ Jucrit tevtia aqualis, erit & guarta
"qudu [exta, fin illa minir, bac quogue mino erir.
5 Hp. A o C. Quoniam 2 D.E :.B. C abp

invertendo erit ED> C.B. atqix-b-jB «b 3§ s,

" T Ky W edgs
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R A E
Jebol.13.5. € €180 =37 5 hoc cft Fe ‘ crsé De F.

[ 4
d 10.5§. Q E.D. ,
2. Hyp. Similiter, Si A=3C.erit DF,
e s. 3. Hyp. Si A=C. Quoniam EDe: C.B::

£ brp. ¢AB:ifEF, seit D=F. QE.D.
g .

Pror. XXII.
Si[nt quotcunque magnili-
dines A,B,C; & alie pfrs .
. equales zwmera DE,F, que
bira & in eadem vatione fie—
I musur (AB:: DE: & B.
EEOQ CuEF); & ex equal=
KM tate ia eadem valione erunt
- (AC:D.F.).
Accipe G,H iplarum A, D5
& 1, K ipfarum B,E; item.
t . L,M iplarum E, F ®que-
muldiplices. _
2 by ' , Quoniam * A.B :; D, E,.
b4 5. : ¥ erit G.1:: H. K. codem
modo, erit, I. L :: K. M. er-
¢ 0. 5. 0fiGeHy==,—3 L, cerie
4 6. df. 5. - LM dergo ALC i
D.F. Eodem pa&to fi ulte- |
: rivs C.N = F, O erit ex

Pror;
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Ex*his fequirur, rax

- TLider ¥,
Prop. XXIIL
Si fint tres magnitudine AJB,C;
diegue D, E,F ipfis equales ni-
mevy, que binein eadem vatisae
. fumantur , fuciic autem pesturbatt
carum propoitie. (A.B:: B.F. &
g B.C:: D.E.) etiom ex aqualicare .
M i cadem vatione eiunt. .
Sume GyH,1 iplarum A,B.D;-
item K, L, M iplarums C, H, F
quemuitiplices. erid G.H 3::
A.Bb::E.F2;: LMporrd quia-? 5 5
>B.C :: D.E.eritccHK :: 1L, b bp
ergd G,H,K 3 & L,L,Mhabene € # 5
fe juxta z1: ¢. quare 1 G -,
=K erit fimiliter Ip~= —M..
4 proinde A.C :: DK, Q.E.D. :
Eodem modo fi plures fuerint 4:6. 4. 1.
magnitudinibus tribus, &c.

Corn¥..
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iones ex iildem rationibus

. . *32 ¢~ .
compofitas- effe inter fc cafdem. item, carun- ;z,ﬁ i
dem rationum eafdem partes inter fe cafdem efic.

C

¥

Pror. XXIILL
_Si prima AB ad fe-

D . I_i___c cundam C eandems babue--

E B vt vatosem guim terig
DE ad quartam ¥y balu -

vit autem & quinta BG ad fecundam C eandem.
vasionem, quim fexta EH. ad: quastgm ¥ ; clian
compofita prima cum quinta ( AG") ad fecundam
C eandem babebit: yatiomem, quim ertia cum [ixta.
* DH ) sd guartam F.

Namquia AB.-C ::

DE.F. atque exhs p a bipe

& inverst C.BG v F.EH, erit-bex 2 cliboas, §
AB. EG::DE,EH, ergd componendo AG,

BG ::DH.EH, citem BG. C:: EH. F. P ¢~ ¢ pyp
go rudusex zquo, AG. C.:: DH.F. QED..

Fror..



108 .Ez)cLI*DIS Mmm'n'

Pror. XXV. 3
Si quatuor magmitisdinis propertic=
nales fuerint ( AB.CD :: E. E. )3
maxims AB, & mirira F reliquss
CD, & B majoves evunt.’
Fiant AG=E ; & CH=F.
Quoniasm AB.GD?*:E.Fb::
AG. CH. cerit AB.CD :: GB.

2 by HD. died AB— CD. cergd
b75. - GBc-HD. atqui AG+F=E~
ﬁ;,’, 3 CH. er% AG+F4+GBCE
€ fcvol.14.5. CH-HD, hoceft AB4-FE-
' CD: Q.E.D. copol .

Quz fequuntur itiones non font Eu-
clidis ; fed ex aliis defumpta ob frequentem ea=
rum ufum Euclidzis fubjungi folent.

. Pro¥. XXVL
A ~C . i prima_ad fecun-
: D dam babuerit wmajoven
. ) . proportianemsquim tei~
tia ad quartam Jabrchit convertende , fecunda ad
primam minerem propovtionem o quim quaita ad
mu.w‘.\_ c ‘ )

, Sitgcf, Dio %—:\? Nam concipe
2138 C_E, 69. LI Cprod
» o s. g—g o3 D"E‘" quare Ac. E, cergd
<8 5.
der 48 x'ﬂé',, dye] ol QEJ?_..

Pror, XXVIL
A—- Cor— i prima ad ferwn-
f____.' ._..D——b dam. babugrit majore.n
. propetionemyqim tere

84 ad quartam, babebit queque Gitifim prima ad
ersiam majetem piogockionem , quim [ecunda ad
i, _ i Sit.



)550' . ' oz —102

Sxt-—-;-- Dica-—?n Nampun F= e

\

tergd A rE. ”crgé ..q-_-—a ¢v¢1 B Q_B’:D- ; I8° ";..

P 6. 5.
‘Proz. xxvm. g ek

mﬁ‘_‘ﬁ‘fr

Y’ pmmad Secundam babueris majorem
tionem , quism tertia ad quartam; babebis quoque
comypofita primacum [ecunda ad fecundon masmrem
proporiionsm, quim cmpoﬁm tertia cams quaita ad
Wﬂwfm DE AC

Sit ez, Dico ncr EF- v, Nam cogia
;Eg s: 3 ergd AB - GB. adde utrinque BC, 3 10.5.

b4 u.
D

reric ACGC. "85:2 fg”‘“mtf-d 8.3
QE.D.

Er.-o’. X x.l x.. -

f '>Bl C.E . r ,r_ 4

Si compafita prima cum fecwnda ad [ecundam ma-
forem babuerit projertio ”Zlb’, nm:mpﬁta tertit
Cum quarta &d.- -guartam,
prima ad fecundan majorem m;:mmm qwn ter-
dia ad quartam,

. AC __DE An

DR i
Sit ic T Dico £F Intdlx ¢

g ergd ACrGC. tufcr commune 1 1a 5.

b5 ax.
BC,>wis AB GB, ¢ erga A2~ CBy DB ¢ g o

BC Bc EF. d 1 [1
\Q.E' . _15- PROP. 75
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EDVCLIDIS Elementorum

Pror. XXX.

B . Si compefita p, ‘-

X 4 ~ macum [ecwnda ad

SR fulfnd.vn habiscrit

B majorem proportio-

REM, qudm comyofi-

ta tertia cum quirta ad quartam; Habebt  y.r

conucrfionens yasionis, prima cum [ecwncia ad pysisiars

WURSTER JALIONEm o QuRm- terlid cum qEarta ol
tertiam,

. AC_DE .. AC_DF - .
65" 5C iR D0 X5 2bE Nam quia .
A Y
b —r= " SCcOon

BC —EF. mtcdmdgc:do xcrEE conver-

‘B
tendo igitur 3755 dergd componends
AC_DF |
AB DE QE.D. .

Pror. XXXT
A — 86 fint tres magnk-
P EF—— mflinf{ A,B.C, &
G die ifis aguales
H mumero D, E, F,

ntque major propor-
tio prima priovum ad fmndam Jquim prime ot c-

. viovum ad fecmdm( 3CF ),mm fecunda prie

ovum ad tevtion Mﬂjm', quim fecunda. polteriorum
od tertiom ( ccE )Ent quoghe eX mGaalitiie

“major proportie pmu pnmm ad temam,qnm prb

me poﬁmmmad tertiam ( 5 ) -

CQnng -.-—— 'ergé-B:rG. .ﬂ'gd % E"l':'
Rurfus puta 'crgd 2 'jB dcréo fomus

-":5 ‘quarcA:H ¢ proiade. C-JE vel 2 T
QED,. : _Pxob



Liber V.
Pror. XXXII.

A -— D Sk fint tres magmm-
2 ‘ %__ dines A,B,C; ¢ alie
G ipfis aquale: D,EF,

H sitque major prapmu

prima prioiwin ad fi-

tmdam 2 quam [ecunde pofieriorum ad tectiam;.

198

( 5 CF ) item fecunda priovum ad tevtiam maee

jorsquim primt pofieriancm ad fecundam (3 ,_-"E’ )

evit quoque ex wqualum major projortio prime pric-
mm ad tevtiam,quim pnm&poﬁmwm ad tmmm.
D

( )
Hujuke demonﬂratlo plané ﬁnuhs eft dc-u
monftrationi. pracedentis,

Pror. XXXIIIL

Si furiit major proport'e

ius AB ad tetum CD,

~—D quim ablati AE ad abla-
tum CE. Erit & veliqui
BB ad reliquum FD ma-

joz pmpomo, quim tmw A“B ad totum CD..

A |eeaB fot

c

\B +

Quoniam ‘= o A2 CF ® erit permutando ¢ 3o, ,.;
‘B g’  ergd per converfionem rationss
AE__CD AR _ EB

8 3 ED. permmndo igitur b ‘1 FR.

Q.E.D,

.= Pre2..

a
b,
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Pxor. XXX1V.

A L i fint quo'=
(B: - - B " Cunque magim~
6 H tudines, & a-

lia ipfis equa.

Les mumers , sitque major proyevtie prime privrum
ad. primam poficriorym, quam fecund & ad fecundam;
& bac major quiim tevtie ad teviiaom, & fic dein-

. ceps: babebunt ompes prioves fimul ad omnes poftc-

viores fimal , majorem propavtionems , quim ommes
priovesy relildd primi, ad emncs paltevioves, velicti
Quoque Primis minorem ailem, quim prima prioaom
ad primam poficriovum; majarem devigy etiam quin
‘Wtsma priorum ad ultimam pafleriorum.

Herum demenfivatio cft penes interpretes. g
adeat, qui eom defiderat. ms emifimus o brevitatu
Judio; & quiaillernm nuliue #fus in bus elementice

L1B
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LIB. VI

Definitiones. -

U M Imiles figure re&ilinea funt
5 iulos fingulos fingulis 2quales
abent; atque etiam latera,quae
circum angulos zquales, pro-
- jportionalia. -
, 4nz. B= DCE & AB. BC :: DC. C&,
stemang. A=D; atque BA. AC:: CD. DE.
denique ang. ACB = E. atgu¢ BC. CA::
CEO ED. .

: 11 Reciprocx au~
D ' tem funt ( BD, BF),
¢lim in utraque figura

antecedentes, & confe-

G quentes rationum ter-

mini fuerint, ( hoc eft

. 11X, Secun-

At Yoomames BB dim extremam

: ’ & mediam rati-

onem reda linea AB (eQa, effe dicitur, cimug

tota AB ad majus {cgmentum AC, il majus fe-

gmentum AC ad minus CB {¢ habuerit. (AB,
AC:: AC.CB) :

L . 1 v' M‘i‘
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15 |’l:'

3. L

38, 1.

EUVCLIDIS Elementoram.

A 1V.. Akitudo cujufq; -
gurz ABC cft linea perpen-

icularis AD , 3 verticc A
ad bafim BC deduéia.

B ;

V. Ratio ex rationibus componi dicitur,ciim
rationum quantitates inter fe multiplicatz , ali-
quam effecerint rationem. o

Ut ratio A ad C, componitur ex vationibus A
&lB, & Bad C B _Ab_AB

B¢ #ME T CTC TG

Pror. L

T A r Friangula AnC,

A1 ACO, & pavillels-

% A ganma BC AE,

- CDEA, quorumi ca=

dem fuerit aititado,

| #3 fe babent intey e,
H B C B YuthafesBC,CD.

3 Accipe quotvis BG, HG ipi BC xquales;
idem DI =CD. & conne&®c AG, AH, al.

* & Triangula-ACB, ABG, AGH zquantur; ®i-

- tem’ triang. ACD = ADL ergd trianguium

ACH tam maltiplex cft trianguli ACB, quim
bafis HC, bafis BC. & 2quemultiplex eR tri-
ang. ACI trianguli ACD,ac bafis CI bafis CD.,
cum igitur i HC =, =, = CI, < erit fimilicec
triang. AHC g, =, %9 ACI, ¢ idedque BC,
CD:: triang. ABC. ACP: : ¢ pgr, CE.CF.
Q.E. D. | ;

Schol,
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] Scho’’,
Pi- T IKE . MF |

Hine, triemgsda ABC, DEF, & parallelo-
gramma AGBC, DEFH, quorum equales funt
bafes BC,EF itz fe habent ut alritudines A1, DK,
*Sume IL=CP; & KM =EF; ac junge § 3 *-
L A, LG,MD, MH. liquer effe sriang. ABC. . 7' &
DEF:: ® ALLDKM::¢ AL DK::4pgr.d 41,1. &
B AGBC. DEFH- QE- Do . . © 35 5

Pror. 11,

‘A Si-ad wnum triamgpdi ABC,
latus BC pavallela duita fuevic
reftaquadam lizea DE, bac

* propoytionaliter  fecabit - %{in
trianguli latera( AD. BD ::

) AE.EC) Et [fitrianguli la=
Fb frirutng

LY/ E tera proportiondliter felta fne-

-1 vint (AD.BD:: AER.EC)

" gua ad fectiones D, B adjunia

fueritvella linea DE, erit ad reliquum ipfius trian=
gidi lasus BC paraliela. Ducantur CD, BE.
- 1.Hyp.-Quiatriang, DEB*=DEC; berita 37. 1.
triang. ADE. DBE :: ADE. ECD, atquib7. 5.
ttiang. ADE.DBE<:: AD. DB. & triang. ¢ 1. 6.
DE.DECc<:: AE.EC. %ergd AD.Dg+: d 11, 5.
E.EC. '
2, Hyp. Quiz AD.DB:: AE. EC. ¢ hoc e 1. é
eft ariang. ADE. DBE :: ADE. ECD;s:
f erit triang. DBE == ECD, ¢ ergé DE, BC £9.5
funt parallelz. Q, B.D, ) g 3 L
’ o Schal.
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EYUCLIDIS Elementornns ‘
. Schel,

Imd, £ plures ad unum manFulx latus-paral-
lelz dux fuerint,erunt omnia {aterum fegmen-
ta proportionalia, ut facilé deducitur ex hac.

Pror. IIL
Si triamguli BAC
BAC bifariam feitus fi1,fe-
cans autem augulums veiia li-
nce AD fecuerit & bafim,
bafis [egmenta eandem habe-
bunt rationew, quam reliqua
B D C ipfius trimwguls latera( BD,
DC:: AB.AC.) 2§ baﬁx ﬁgmtamdm
ubew vationem qm reliqua spfins triangili lazc-
ra(BD.DC:: AB.AC z:cﬂahm
&vertice A ad fc&lmmuB IX ityr, bifaky fem
trianguli ipfius anguinm

P:odnc%A, 8-fac AE= AC. &j ,ungg CE.,

t. Hyp. Quoniam AB=AC,eritang. ACE
a=E *=41BAC «=DAC. ‘ctgo A, CE

arallelz func, © ‘quare BA. AB (AC) : ’BD.,

C. Q.E.D.

1. Hyp. Quoniam: K. AC. (AB) : : BD.
DC f crunt DA, CE panallelz: 8 -ergo ang,
BAD = E; & an DAC""ACB"=E ke r-
gdang. BAD =DAC, bilcttus igitur eft ang.
3AC, QE.D. S ‘

Pror. IV.
iangulornm tviangn-
bvam ABC, DCE pro-
portionalia funs latera, que
circum aqudles B,
. DCE(AB.BC::DC,
CE, &c.) & bomologz
ES funt latcva KB , DC &,
ququd:bma;ula ACH,E &¢. fnbtadamur
Statue




Tonrle e U

. GBE=DE. Item GF.FE ¢:: AC. CB 4::

\

“Liber VI .-
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Statue latus RC .in direltam lateri CE, & < . |
produc BA, ac ED donec? occyrrant. 4 333,

oniam ang. B>*= ECD, <funt BF, CD & 3- %
parallelz. Item quiaang, BCAP=CED¢unt ¢ 3,’,.
CA. EF parallele. Figura igitur CAFD eft
Para\lelo%l:amma. dergd AF=CD; & ACd 34 .
‘= FD. Liquetigitur AB. AF (CD)¢::BC. ¢ - 6
CE. f permutandoigitur AB. BC : : CD. CB, f 16.5.
¢ item BC.CE:: FD. (AC) DE f ergo per- ‘
mutando EC.AC :: CE. DE. quare ctiam sex § > 5+ -
2quo AB.AC :: CD.DE. ergo, &c. '

. Coroll.

_Hinc AB.DC : : BC.CE : :AC.DE. |
Schol. -

Hinc f in triangulo FBE ducatur unilateri FE

parallela AC; erst triangulum ABC fimile toti
EBE. ~

Pror. V, d
Sidus triangu-
b e ABC,DEF
: Luera proportions.
B & lia habeant (A B,
o BC::DE EF
¢ AC BC::
‘ D¥. EF. jtem
B cG ABAC:*DEB

DF ) equiangula esunt triangula, & aquales babe-
buas: eos angulos, [ub quibus bomologa lasera fubicn-

dunter. - A -
Ad latus EF*fac ang. FEG = B; * &ang. 2 23. %

EG= C, ®quare etizm ang. G = A. ergd D 3% I
%E. EE ¢ ::?AB. BC :: ¢DE. EF, ¢ ergd § :”6
Pe 1L ¥,
DE.EE. ¢ crgd GF =DF. Triangula igitur & 9. 5.
DEF. GEF fibi mutud zquilatera funt. € crgd £ 8.1
ane. D=G=A.f & ang. FED=FEG = &." s
8 poinde & anz. DFE = C. ergd &c. B 3% 1
’ R _ Pror,
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EUCLIDIS Elementorum

Pror. VI
) © 88 duotiiane
D g'a ABC,
DEF unim a-
gilum B uni au-
F gié'o DEF -

qu.um, & ciy-

cHm ¢qu.a s dite
G guos B, DEE
latera proportionalia babuerint ( AB. BC : DE.
EF,) aquiangula erunt triangula ABC, DEF
aqualesque babebunt angulos, [ub quibis bomwmz
latera fubtenduntny.

Adlatus EF facang. FEG=B; & ang. EFG
=C. aundc&amg ‘G=A.ergo6 GE. EFo::
AB.BCc:;DE.EF dergd DE = GE. araui

ang. DEF ¢=B f=GEF. tergd ang. D=
=G=A & proinde etiam ang. EFD = C.

Q.E.D.

Pror, VII. :
A D St dus triingu's
ABC, DEF .8
anzulum A unt azgue
lo D equalcm, corea

G autem alos  anaulos
ABC E ldl{l ’I[ o
3] CE portanddia  babezat

( AB. BC:: DE. EF); veliquorum auter fi+
mul wtvinque C F aut minovem, aut non minwem
veclo; qutmwla ciunt triaggula ABC, DEF, &
equales habchunt cos angilos, circum guos ;vopoisio=
nalia (unt latcra,

Nam i fieri poteft, fit ang. ABC " E. fac
igiturang. ABG=E jergdclimang. A * = D,
berit etiam ang. AGB= F. ergd AB. BG
DE.EF :: AB.BC. e ergo BG = BC., ¢ erm

= ear, 17 1, ang BGC : .BCG Serg Oang BGC. vel C

minacr
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minor eft recto; 8 proinde ang. AGB, vel F re- § eon 13,1
&to majoreft. ergo anguli C, & F non funte- -
juldem fpecici, contra Hyp.

Pror. VIIL

Si in trianculo re-
&tangulo ABC,ab an~
gwlo recto BAC in
bafin BC pespendicu-
laris AD duita eft 3
. qua ad perpendicula-

g v rm triangula ADB,

B B ' * ADC,tum toti trian-

wlo ABC, tum isfainter [e fmilia funt. .
£ Nam ang. BAC? :‘{[BDA{:: CoA. & -, .
ang. BADY= C. & CAD b=t B, erg6 per b 3a, 4,
4.6, & 1def. 6,

Leioll,

Hinc 1. BD.DA< ;::DA. DC. ¢ 1. def 6,
2. BC. AC:: AC. DC. & CB.
BA. ::BA.Bp..

Prop. 1X. »

Adatarel¥e
Lnea AB im-
pevatam partem
TAG auferre,

Ex A duc
i:fnitam AC
urcungs,in qua
.:\l;"BE téels:, 231

— , DE,
A & . B 2quales  ut-
cunque, junge FB, cui ex D ® duc parellelam b 311
DG. Dicofaum. : .

Nam GB. AGe:: FD.AD, ergodcom=
ronendo AB.AG :: AF.AD.ergd ciim AD=}
AF,.Cl'it AG = '%'AB. QE. E. Prop.

€ 2.6
d 8. 5.
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Pror. X.

Datam velfam linsn

AB infeltam fimiitcr

fecare (inF,G ), e

B dara altera AC, felfz
fuerit (in D.B.)

Extremirates [e&z

\1

A F 0B gingaz jurtgac recta

B C. Heic ex pundtis E,D * duc panlichs
EG, DF rc&tz fecundz occarrentes in G; &
¥. Dicofaftum,

2 Ducatur enim DH parall. AB. Eftque #D.
DE%:: AF.¥G, & DE.EC?®:: DI, 1H 2
¥G.GB. Q.E.F. ‘

$¢ b'l;“;”'

Hinc difcimus vellamdatam AB in quotvic 2.
quales partes (puta §.) fecare, id quod facilius
prxftabitur fic.

Duc infinitam AD,eiqs parallclam BH erian
infinitam, Ex his cape partes 2quales AR RS,
SV, VN; & BZ,ZX, X T,TL; in ingulis uni

. pous
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pauciores, quim defiderentur in AB; tum re&tze
duca:tur LR, TS, XV, ZN, hz quinquife=
cabunt datam AB. -

Nam RL; ST, VX, NZ *parallelz funt, 2 33. 1.
ergd quun AR,RS SV, VN ®zquales fint, b conflr,
¢crunt AM, MO, OP, PQ_=zqualcs, Similiter ¢ 3.6, -
quia BZ=ZX, erit BQzQP. ergd AB. quine
quifedta eft. Q. E.F. .

Pror. XL .

‘ Datis dusbus
vectis lineis AB
AD., tertiam

Proportigaalem
C DE invenire,

‘ ) Junge BD,
& ex AB prottali fume BC=AD. per C
duc CBE parall. BD. cui occurrat AD pro-
duéa in B. Erit DB expetita, :

1.

' Vd ﬁc, fac ang. ABC re&um
& ang. ACD etiam reftum. '
> ‘beric AB.BC::BC.BD, hwms

M Pro¥.



122 EUCLIDIS Elementorum,
‘ Pror. XIIL

Tyibus datis reflis lineis DE, E¥, DG, quar-
tam propevtionalem GH invenive.
Conne&atur EG. per F duc FH-panall. EG,
~cui occurrat DG produ&a ad H. liquer effe
a6, De.rF*:: DG. GH. QE.F,

D 7V itf, CD=CB~BD ad-

. E apta circulo, Circino fume AB.

Y fz z- 3 Erit ABxBE=CBxBD. *.qua-
A C  r AB.CB:BD.BE

Pror. XIIIL

. Dusbus datis yee

F 6tes lineis ARSER,

mediam  preportio=
nadem EF adizue-

: nive.

A EB Super tota AB
diametro defcribe femicirculum AFB. Ex E
crige perpendicularem EF occurrentem peri-
pheriz in F. Dico AE. EF :: EF.EB. Du-
a2.6. canwrenim AF, & FB. Extrianguli®1eétan-

) gu'.x
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guli’ AFB reto angulo, dedu@ta eft FE bafi
perpendicularis; b ergo AE. FE it FE, EB.b aor. 8.4,
Q.E.F. S

' ) . Caroll.
Hinc, linea re@a, qu in circulo 2 quovis
puncto diametri, ipi diametro perpendicularis

. ducitur ad circumferentiam ufque,media eft pro-
portionalis intec duo diametri {egmenta,

Pror. XIV.

~ Lquliun , &
b C——-;H wmm ABC uni
/ EBG #qualem ha-
AL"‘“‘B : Q bentium angulum
/ parallelogrammornn
B BD, BF reipioca
F funlateraqua cir-
‘ ‘ cum equaler angu-
lgs. ( AB.BG ::EB.BC): Et quorum paval-
lelogrammorum BD , BE wmm anyulum ABC
urk angulo BEG equalems babentium | recipioca
funt lateca, que civcum aquales angules, illa funt
equalia, v
Nam latera AB, BG circa 2qualcs angulos
faciant unam re&am,? quare EB, BC etiamin
dire@um jacebunt, Producantur FG,DC; do- 2 feb-15. 5.
nec eccurrant, . : b
1. Hyp. AB.EGb :; BD. BH < pF.BHd: ¢ 7. 5.
BE.BC. ®ergd, &, : - d
2, Hp.BD.BH f:: AB. BGs:: BE.LCh:: § ']
BF.BH. kergd Pgr. BD=BF, -Q.E. D, g ny.
. h
' k

-

™ 2 ~ Provr,



24 ~ E VU CLIDIS Elementorum

~ Pror. \XV.

A . Aaulinm, & wwmm
ABC , uni DBE «-
qualem habentife angu-

 lumtrianglorii ABC,
DBE, reciproca funt
C B laera, quacireum «-

: quales angmlos ( AB.

BE :: DB. BC): Et quovum trinexiovum ABC,

.DBB, wnum angulum ABC %1 DBE wqualem
habentium veciproca [ant batera , que circum equi-
les angulos ( AB. BE :: DB, BC) , illa funt
aqualia.
Latera CB, BD circa zquales angulos, fia-
feb. 15, 1, tuantur fibi in direGum ; 2 ergd ABE eft redta

2
b6 linea. ducatur CE. .
&1 1. Hyp, AB. BE® :: triang. ABC. CBE
€ 1. . ¢ :: triang. DBE.CBE. ¢ :: DB. BC. ¢ ergd, &c.
f1.6. 2. Hyp. Triang. ABC.CBEf:: AB.BE¢::
g Iy D8. BC ! ::triang, DBE. CBE. * ergé triang,
% 05, s ABC=DEE. Q B.D, :

2O 95 Pror. XVI. -

A 1@ BD
' A :
| FEC Bc F

1 S quatwor velle limee proportiomales fuciint
* (AB.FG:: EF CBY, gnod fub extremis AB,
B comprehenditur rectanguinm AC aquale eft e,
quod fub mediis BEF, G comprhendiiar , veltan-
gulo EG. Et fi fub extremis compiehenfum veltan-
gdom AC equale fudrit o, quod [l mediis com-
vehenditur, vectargulo E G, il a quatuor vecta linca
propartionales crunte (AB. FG :: EF, CB.).
3, Hyp,
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Liber V1. - - 12§
1. Hy. Anguli B, & F're&i, ac?proinde a 13, 4x.
paes funt; atque ex hyp AB. FG EF Cs.
bergd Rc&ang AC=EG. QE D, b 14.6.
2. Hy. © Reftang. AC=EG ; atque ang. ¢ byp. .
= F;4egd-AB.FG:: EF.GB. Q E. D.d 146~

(ovoll.

Hinc ad datam re@am lineam AB facile cft . e

datum re&angulum EG, apphcare, ¢ fac;xcncloe H& 1.6
AB. EF :: FG.BC.

I’nov_. XVII.»

¥ D '
i ———
v
H
S; i rafte h;mv /‘ o puyommdu ( AB.
: EE.CB):, qued fub entremis AB GB
cmpvebmdmr re[tungulum AC aqude ¢ft &,
gwod & media B, dcfcribitury. gusdrato BG. Et .
[z fub exivemis A'B, GB-comprehenfum yeltasgue '
lum AC, equale fit ci, quod amedia BF , defvrie
bitu, quadrato EG, ille tres resta lince pwportw-
nales erunt (AB. EF:: EF. CB)
Accnpe EG =EF.
Hyp. AB.EF*=EF (FG). Cs. elgo‘l’ﬂ
Re&ang AC'=EG = EFq QE.D. b1sé

- 2. Hyp. ReQang. AC 4 = quadr. EG:; pr.mf -
EFq.¢ergd AB. BE :: ¥G (BF) BC. .

(oroll.
S“ A 1n l-. Cq;crgbA C -y C B' ~
‘M Pnor)

CA
E
F
C——m
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af23.1,

b confir,
C 3a1.

d 2.ax.

¢4 6

fag, .

g 6 def. 6.

EVUCLIDIS Elementorum
Pror. XVIIL

| GﬁH\ PE .F\ |
A B C b
A dats v28a linea AB dutovectilineo CEED,

[eribere.

Datum reflilineum refolve in triangula.
fac ang. ABH =D’; * &ang. BAH =DCF;
& ang. AHG =CFE; * &ang. HAG=
FCEB. Rettilincum AGHB eff quafitum.

Namang.Bb =D, & ang. BAH *=DCF,
cquarcang, AHB = CFD; bitem ang. HAG
= FCE, " & ang, AHG = CFE. ©quare ang,
G=E; & totus ang. GAB ¢ ECD; & totus
GHi # = #FD\-Polygona igitur fibi muruo
zquiangufa funt. Porro, ob trigona zquiangu-
la, AB.BH ¢:: CD.DF. & AG. GH.¢:: Ct.
FF.item AG.AH.¢:: CE,CF.& AH. AB < ::
CF.CD. fundeex 2quo AG AB :: CE. CD.
codem mode GH.Hi; :: EF.FD. fergo polygo-
na ADCHG, CDFE.fimilin fimilitérque pofita
exiftunt, Q. E. F.

_PKOP.. X1X. .
: Sinilia tvian
D  mi ABC,
DEF funt in
duplicata rati-
i* sme latersm ho-
: ‘malagorum BC

~-R G QE . EF. -
! Fiat BC.EF :: EF.'BG. & ducarur AG.
. Quia

Frile fimilitérque poitum veltilineurs AGHB de-’




< Liber VI - : i1y
‘Quia AB.DE »:: BC.EF ¢ ::'EF.BG.& ang. b cor. 4. 6..

- . dert 1 — N € ocomdree
B=E ; derit triang, ABG = DEF. verum d ‘5)6.

friang. ABC. ABG ¢::BC. BG; & € 30
- T ABC ¥G € 1.6,
- 8==f 0. def 5.

BC (. .. .. -ABC
= 57 bis; ergd triang. A5G bocelt BT

BC ,. .
EF bis, Q. E. D,

Coroll,

- Hinc,fitres linez BC, EF, BG proportio-
nales fuerint; ut eft prima ad tertiam, it eft tri-
angulum fuper primam BC deferiptum ad wi-
anzulum fuper fecundam EF fimile, fimilité: 3
chCriptum. vel ird eft eriangulum fuper fecu
dam EF defcriptum ad triangulum fuper tertis
am fimile Gmilicé:que de.c:iptum.

Pror. XX,

. ’ 7 ‘T
BC/\ F’< Y
[N/
_ K 1
C D,

+

. - Similiapolygona ABCDE, FGHIK in fimilis
triangula AB, FGHs & ACD, FHI, ¢~
ADE , FIK dividuntury & numero. aqualia, o
bomologz tots. ( ABC, EGH :: ABCDE,
FGHiK:: ACD. FHl :: ADE. FIK.) Et
polyzona ABCDE , FGHIK duplicatamehabent
eam inter [¢ ratimcm, qaun latus horo'ogum BC.
ad homalogwm latus GH, '

. M4 1. Nam



128  EVUCLIDIS Elemmorsm
2 byp. 1. Namang: B+ = G; & AB.BC?:: FG.
doé GH, b ergd trianguls ABC FGH zquiangula
fant, ecodem m n’angu’:g*AED, FKI:fi-
milantur, clim igitur ange”BCA b= GHF; &
ang. ADE b = FIK; térique anguli BCD,
byp.* GHI; argye tori CDE , HIK ¢ pares (int, 4 re-
3.4 -manentang. ACD=FHI; & ang. ADC =
334 FIH; ¢unde etiam ang. CAD) =HFL crgé
triangulsa ACD, FHI fimiliaTune, ergo, &c.
2. Quoniam igitur triangula BCA, GHE
f 15,6 fimiliafune, ferit 2% = :% bis. ob candem
CAD _Cp,. .. . DEA _
:)a:fam fF1 =y bis.denigs triang. s =
Ag6lzvp. & ix bis.quarecim BC.GHs:: CD. HI 5::
& 7%.23.5. DE. IK,berit triang, BCA. GHF :: CAD.
k 13,5, ° HFI i: DEA, 1IKF :: k polyg. ABCDE,

FGHIK :: &2 bis,

¥ Y 3

. Coiell,

1. Hinc, fifuerint tres linea refta propor-
tionales; ut cft prima ad tertiam , itd eritgoly- -
gonum fuper primam delcsiptitm xd-polyzonmm
fuper [ecindam fimile , fimilitérque defcriprum,
vel itd erit polygonum fuper fecundam defcri-
ptum ad polygonum fuper tertiam fimile fimilis
té-que delcsipram, :

. Unde elicitur mechodus figuram quimvis refii-

lineam awgendi vel minuznds in ratione data. 4t fi

welss pemtageni, cujus latws CD abud faces eqii-

tuplums. imer AB, &5 ABisveni mwdinm propo-

8 58,6, zionsem: Supev bac * comfirur pemtagomsin fimite
T dates bocerst qrimtadlum da. >

2. Hinc eviam, (i figarsvum fimilium-homo:
Joga Jarera nota fuerite, erlam propertio figuras
rvm innoteler; nompe iaveniondo- tortixa pro-
portionalem.

) ’ Proer.



Pror., XXI. ' ’

B F I

A ¢ HTTagp g
Ruz (ABC, DIE) éidem reliilino HFG

Jient fimilia, & inter fe funt fimilia, .
Namang. A*=H'=D.&ang. C*=G a L 6.

3 —E;&ang. B*=F2=1 *item AB.AC ::

- HF. HG :: DI. DE, * & AC., GB :: HG.

GF :: DE.EL & AB.BC::HF. FG DI,

1E.® ergd ABC, DIE fimilia funt, Q. E. D,

) ‘Pror. XXII. :

ATTRCTDE FG 0
" si quotuor rcita lnew proportiondles [e:int
(AB. CD = EV¥. GH.) & ab ¢is rediliica -
milia ffoilitérqme deferipta proportionaiz ¢ uite
(ABLCDK EM.GOD) Lt f arectis lios
[fomilia [imilitévaue defciina elitines Ppiogort vem
tia fuerint (ABLCDK :: EM. GO) #fis ciiit 1co
Efa linea proportionales eruint (\B.CDEF.C"™ )

. - AB . EF .. !

D, e B e ;_'_..‘,.. o et
J f;,}g'mcpx» =i =gy biss g 19-9
SRR DK EM GO Q

AB . ABI M BB,

. Hyp. — el Bl Lo Yo holyp.
i CD\b“."' bk =66 &l - aors.
bis. €520 AB. C D :: EF. GH. Q_E. D. ¢ e 33

M Sdhot.:



130

Tetr, Dedg.

a cor. 8.6,
h 22, 6.
€.17.6,
d er. 8.6,

¢ 33.6.
f 17,6,

BUCLEIDIS Elementorum
Wn‘ G
Hin deducitur, & demonfiratyr-ratio multipli~-
cand; quantitates furdas. ex gr. Sic o/ §-muli-
plicandus w4/ 3. dico provenire 4/ 15. Nam.

ex muldiplicationis definitioe debet elfe, 1./ 3 23

o/ 5. proqué. ergd per hanc, q.3.q.4/3 1 q.
+ 5.%: produd, hoc eft. 3. ‘3,:: §5q. produdt..
¢rgo q. produd. cft 1§, quare 4/ 15 €ft produdtus.

ex 4/ 3-4n ¢ §, QE.D,.
: _ T.H:E OR:.
¥ E:

A g

Si vefta-linea AB_felta £ utcunue in D, ye--
Sangulum fub parttbus AD, @B consentun , et

medinm proportienale intey, eqyam quadrata. Item
vellanzulum contentum [ub tota ABy & una parte
AD, vel DB, ¢} {medium prepertionale inter qus-
dratum tojizs AB, & quadraum difle parta
AD, vl DB, v )

~ Super diametrum AB defcribe femicirculum,
ex. D erige_normalem DE occurrentem periphe-
rizin E. junge AE, BB,

Liquet effie AD. DE 2:: DE, DB. b ergd
ADq. DEq ::-DEq. DBq. <. heeceft ADg.
ADB:: ADB.DBq. Q. E.D.

Pord, BA. AE4:: AE. AD-*ergd Big.
AEq :: AEq. ADPq. f hoc et BAq. BAD :;
B2D. ADq. Eodem. modo ABQ. ABD::
APD.®Dq Q.E.D. -

Sic quidens P, Herigonius fcité, Sed facilli-

¢ hxcciiam x 3¢ 6, &. 11, §, deduci pof=

5'3"‘., ’ . !’1\9 Pa

|

e e
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Prory X XIII '
iy~ Aquiangula paialle~-
afz_ - logramma AC, ¢ ¥in-

A ter fe yationem bibent
“F . eam que ex latecibus
o, (A5 =2

: ) componiturs (&5 =G
E'.EA..; . :_“].)_9 i

Latera circa - 2quales an fnios.C 4 fibi indi- a fib. 15
re@um ftatuantur; & compleatur parallclogram-
mum CH.

_AC, “AC--CH _3¥C DC .
Ratio ¢ .~CH*F =6 CE. ¢ f.ois,’.f' i

,;Q E.D. , -
. Corol, .
Hinc & ex-34. 1. patet primd, Triangulz, qua Ands. Tugu. :
wnnm angulum (adC aqualem bdbont, vatroiem 15. 5.
b.beve ex rationibus rectarymy, ACad CB, & LC.
F, e angelum continentium.
?d CF, aqualem ang - Patet fecunds, .
W . - Refimmgwla ac*pic- * 351, -
U B ; tade & pavaflzles
e RS gramma quenzgre
. : rationem nter - fe
A Q) S Y babeve  compoltans.
z. ex yationibus 745
el - ad bafim, & altia
. tudins ad  altitu-
F ] dined. Neque ali-
ter de triangulis-
: ratiocinaberis.
Patet tentid, Quomoda tiiangularum ac pavdl -
“lelogrammorum projoriio exbibei poffit. Stuto
aralielogramma X & Z 5 quorum bales AC,
CB; altitudines vers CL, CF. Fiat CL. CF 2wy, g s
CL. O *eit X.Z :AC, O, A
T Prop,. )




.y A - -
132 EVCLIDIS Elementoruns
Pro»: XXIV.

In omii pavallelogyammy
ABCD, qua civca dianc=
trum AC [ parailelo-
: gramma EG; HF, & toi

& inter fe funt imilia.

- 32 < Nam "parallelogramma
EG, HF habent fingula unim angulum cum

1.0 toto commuremn. * €:30 toti & fibi mutud 2qui-
- angula funt, *1tem tam triangula ABC, AEI,

IX'TC , quim triangula ADC, AGI;1FC fun:

b 4.6, inter fe ®quiangula. b ergo AE. EI:: AB.BC,
barque AE.Al :: AT, AU P& AT, AG.: AC.

¢ 1.5 AD, cexzqualigitur, AE. AG:: AB. AD.
d 1, def. 6.4ergd Pgra. EG, B fimiiia funt, code.amsdp
HE, B U finilia fun, ergs, &c. :

l?nom XXV.

D.
~ G L

n

B 1H
1 CM N o

. Da'gnllilinte ABEDC fmile, fimilitéran- tos.

o Fem®,idenqucalteridato F emile, confiiti v,

2490 * Fac rettang. AL = AB=DC. b item fuper

::;'61' BL facreftang, BM = F . Inter 4B, BH oin-.

S veni mediam proportizaalen: NQ, fuper NO»

N 4. )




4 fac polygonum P fimile daro ABEDC. Erit d 8. 6.
hoc zquale dato F. e cor. 20, 6,

Nam ABEDC (AL). P :: ¢ AB. BHf;. f 1. 6.
QL BM. ergo Pt =BMbt— F QE E. ‘l‘;ﬁr{

Pror. XXVI. .~
B | - Si- & pavallelogyamme
N B ancp pavallelogyammum

AGFE dblatum fit, ¢ fi-

mile Lotiy & fimiliter' pofi-

1895 commmnem cum o ha
¢ bens. amulom EAG , hec )
D T civea candem cumr totadia- T

- etrem AC co. filet,

-Si negas AC effe communem diametrom,
_eftodiameter AHAQ (ecans EF - in H; & ducatur | -

HI parall. AE: Pavallelogramma E1, DB fia 24. 6.
mxha {unt.bergd AE.EH :: AD, DCr- AEg. b i def6,
EF. ¢proinde EH= EF. fQ.E A, ‘;w :

s

Pror. XXVII, :
pmmmn paialielo-
B grammoum AD ,
AG ficundim ean-
dem vectam lincam
A B allicatorum .,
déficicnniemsne  fi-
: gwris pdmllcla%m-
A wmis CE, KI fins-
A c K3 libusy, foniliteigs po~
[eis.,y o AD quod & dimidiade[cribitur, maxi-
“wusis ot AD, quod ad dimidium cft applicatum, fi-
wiile_exiftens i fectui K1,
" Nam quia GB * = GC', addito-communi 2 43. «.
KJ, b cit KE =CI « e AM. adde.communc b 2. ax..
¢ G, et AG = Gnom. MI’L fed Gnom. C 36. 1.
MBL ¢ 1 CE (AD). ergd AG™ AD. 42 @

B ¢ 9. aX..
K E PK.O’B-.

5.

"”ﬂ-ﬁ




34 ETVCLEDIS Elementorum.
Pror. XXVIII,

TAsAE

A4 daiam reltam linean AB, dato-veSlilines

C aguale parallelogrammum AP ¢pplmm deficicas

fanrd pavallelogrammdi ZR., que fimit:s fit” alters

®27. 6. parallelogrammo date D. * Oportet autem datum
rectilimewm C, cui aquale AP applicandien cft, non

mjus effe eo AF, quod ad dimidiun appliczw, fi-

wmilibus exiftentibus defeitibus, &r ejss AF qued

ad dimidiam appluntur, & epus D 5 cui fi i d;-

effe debet.
a1d 6 hifeca AB .in E, Super EB * fac Pyr. EG.
" Jeb 45 % fimile dato D. * sitque EG=C - I. <fac pgr.
€ 35:4 NT =1; & fimile dato D,vel EG. duc diaie-

trum FB.tac FO = KN; & FQ=KT. Per
& Qduc paralielas SR, (lZ parallelogram-
mum AP eft id quod queritur,
Nam parallelogrammna D, EG, OQNT
d wxﬁr & ZR 4funt Gimiliainter xe. Et Por EGe=NNT
+Ct=0Q+C; quare € = Gnom,
glonge OBQ 1 =AO~+ PG *=AO + EP. = AP,
3. ax.  Q_E.F,.

Trors



Liber ¥% R 51
‘Pror., X XI'X.

”E] o G,'V\ I x
M~/ © \L
oON »

R L H Y
Ad ditamyelTam Uneam AB 'y datovetilineo C
aguale paralielogyammum AN applicare , excedens
fignré pavailelogyammi OP, que fimilis fit paralle-
logrammo alters dare D; o
pifeca AB in E. fupet EB » fac Pgr. EGfi- 2 13.6.
mile dato D. b sitq;-pgr. HK'= EG+ C; & b 25.6.
fimile dato D,vel EG, fa¢ FEL, ¢ = IH; & € 3. 1.
FGM = 1K, per L, Mduc parallelas RN,
MN. & AR parall. NM. Preduc AP, GBO.
Duc diametrum FBN. Pgr. AN eft quafitum.
Nam. parallelogramma D., HK, LM, EG d onfir.
4fimilia funt, ¢ergd pgr. OP fimile eft pgro £ 24 ¢
LM, vei D. item LM =2 HK f==- EG = C. 3 ‘790

s.¢rg0 C = Gnom. ENG.atqui AL*= LB 336.. e
 ¥= BM.'ergd C.=2 AN. Q.E.F. - }i 43&_!.
ST I

'Pnor. XXX

Propofitd 7¢- .
B Etam lineam ter-
Qa H rinatam AB,

I-—\~ 1 extremd., ac me-
E

c

- did ratione fe- .
* eare. ( AB.
AG i AG:
A\ F GB.)
2 Scca AB 211,22
.AG7. bergd BA. b 17.6v

R ¥

inG,ilur AB xBG =
AG.: AG. GB, Q.E. F. o
A AG- QB QBN PRery.



336 EVUCLIDIS Elementorum
‘ Pror. XXXI
1 -
A TN,
¢ NL
"Bl p . |
i _ %
N In reliamyalis triansuls BAC fioura quecis

BE dlateie BC reclum asmium BAC (uitene
dante; defcripsa, mqualis eft fzgmw G, AL, qee
priori ills BY fimilis, @ (meicer pelite i latevtirs
BA, AC reclum angulim cortinciziles dofcri-
bﬂﬂl‘l
: Abangule refto BAC demitte perpendicu-
a cor.8.6. larem AD. ngnmm CB.CA*:: CA.DC.
b Cr. 206 beric BF, AL :: CB. DC; mvcrscque AL,
3 BF :: DC. CB.Trem quia BC,BA= :: BA.DB
berit BF. BG :: BC, DB; ac mvc"tcndo BG.

®24. 5. BF: DB.BC, cerg & AL+BG.BFE :: DC+_

d {‘b’:‘” DB. BC. dergn AL-;-BG...BF Qj D.

¢ . Vefc.BG.BFe:: BAqBCq.c&ALBF
£34.5.  ACq BCq. f eigd BG+AL,BF :: BAq-
g fib. 145, ACQ. BCq. s ergo cim BAq—+ACq"...B(,<l
471, Dberic BGAL=BF. Q.B. D.

Corell..

Ex hac prmoﬁtxonc, addipofiunt, & fuberahi
figura quavis funiles, eidem methodo, 4.4 qua-
diata adduntur &iuotrahuumr,m ichoi.47.1,

’ ' Prow.
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Paor:. XXX11. ’

Si dus trimnguln

ABC, DCE,que

. duo Imera. dnsies

- lateribis. proporsiva

' Haliababesut (AB. -

-\, - AC:.DC,DE),

B ﬁcamlnmumw

o ACD wﬂ‘tufwm, i3 ut bomologa

corson latera fint et parutiets (- AB ad DC,

& ACad DB ) : sow rebiqua illorum ma:gm

loium latera BC, CE in veitam linem collocata

repericntut.

Num ang. A=A CD2=D; & AB B
AC":: DC.DE.¢¢ j° ang.l:_.DCE ergd o s,
ang. B-A‘=ACE. & ang. B A+ACBo—2d 2, ax,
Red.f ergdang, ACE+ACB=2 Reé. 3cyg5 e ;z 1.‘
BCE cftrefta linea. Q. E. D, g 14- oy

hp?. XXXIil

"I quai:bn civestic- DBCA, HEGP, ugub
BDC, FHG eandom bapewt’ rativetom camosperi
pheiiis BC,¥G, quibus -infifiunt 3 froe ad centra
(ut BDC FHG ), five ad peripherias A, B
conflitsi mf iflant ¢ infoper vero & [cbiowes BDC >
FHG, quippe qui-ad cumbraconfitants -

N3 Duc
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»
w
.

28.
b 273

L L]

¥aog

‘.“".'"?:w
: “

37. §.
14. 3.
ker
13, ax,

m 6.df.s.

B {8 B

~

EVCLIDIS . Elementorsm

Duc reftss BC,'FG.. Accommods CI=CB;
& GL=FG=LP; & junge DI, HL, Hp.

Arcus BC*=CI,? item arcus FG, GL,LP
®quantur, *ergd ang, BDC=ZCDI. * & ang,
¥GH=GHL=LHP, Ergo arcus BI'tam mu!-
tiplex cft arcis BC, quam ang. BDI anguli
BDC. paritérque zquemultiplex eft arcus FP
arclis FG;arque ang. FHP anguli FHG. Ve-
ram fi arcus Bl =; =3 FP, ©erit fimiliter

"¢, ang. BDI o, =,=a FHP. ergd atc. EC.FGi::

ang. BOC. FHG ¢z BDC, F_l-}fz f:: ALE

: 3 3.
Q.B.D. ‘

Rurfus ang. EMC 8= CNI; *atque idcirco
fegm. BCM = CIN. k jtem trianz. .BDC=
CBL !lergd feftor BDCM=CDIN. Simili
ratione fe@ores FHG, GHL, LHP 2quantur,
Quum igitur prour arcus BY =, =, FGP, i:a
fimiliter fe&or BDI =,=,~3 ' FHP, = erit feQt.
BDC.FHG ::a:c. BC.FG. Q.E. D,

Cooll,

I:Iinc 1. %t feltor ad fedlorem, fic angulus ad
m’

3. Ang. BDC incentvoeft ad 4 yellos, ut ar-
ous BC cuiinfiflit ad totam civcumfercntiam,

Nam ut ang. BDC ad reflum ; fic arcus KC
ad quadrantem, ergd BDC cftad 4 Reos,ut
arcus LC ad 4 quadraates, id eft ad totam cir-
cumferentiam.. item ang. A. 2 Reft :: are, BC,

iph.
lml-linc 3. Insqualinm circulernm arcus 11,7 C,
qvi equdles (ubtendsnt angules, five ad centra,ut
L@IL & BAC, fiue ad peripheriam , funt [i-
miles,

Nam IL. periph. :: ang. JAL, ( BAC.).
4 Red. item a:c, BC. periph :: ang. BAC.

’ . . 4.Re,-
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4. Re&. ergd IL. periph :: BC. periph. proin-
de arcus IL, & BC fun ﬁmilc’s? Unde

. 4. Due femidiametrs AB, AC & comcentricis
v periphzriis arcus auferunt Gmiles iL,BC.

N4 LIB
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L1B. Vil -

Definitiones.

@ Nitas eft, fecundim quam u-

$ numquedg; corum quz funt,

unum dicimr.

~54  11. Numerus autem cft, ex
% unitatibus compofia multi-

I11 Parseft suareras numeri , minor ma-
joris, quum minos metitur majorem.

Ompis pars b eo nummero women fibi [wmit, per
quem spfa numerums o ckjus eft pars, metiturs 8t 4
dicitur toriia pars memeri K15 qQuia metiur 12

3 ‘
1 V. Partes autem, cim non metitur. '
Partes quecunque nowsen accipinnt & duobss ills
KNICYis, POT ques maxima commanis duorims nume-
YOTUIR MEn[Ura RIYUMGUE LOTHIB MEBINY, Rt 10 die
citur ¥ numevi 12, €0 quad wmaxima commanis men-
Jira, nempe 5, merstur 10 per 2,0 15. per 3o
V. Multiplex veré major minoris, cim ma-
jorem meticur miner, : :
V1. Par numerus eft , qui bifatiam divi-
¥ dicur., ,
. VIL Impar vero numerus, qui bifarian
adn dividitur, vel qui uhifate differt 3 pari.
V 111, Pariter par nimeruseft , quem par
AUINCrus metitur per numerum parem. -
1 X. Pariterautem impar eft ;- quem par nu-
merus metitur per nutherum imparem.
X. Impariter vero impar numerus eft ; quem
impar numerus metitur per numerum imparem.
X I. Primus numerus eft, quem fola unicas
metitur,
XI1. Primi inter fe numeri funt, quos fola
unstas, communis menfura metitur. .
' . XI;I.Fom-

~
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X111 Compo(' tus mumerus eft , quemr nu-
merus quifpiam metitur.

XIV. Compofiti autem inter fe numeri
funt, quos-numerus aliquis communis menfura
mmfur.

I bac defisitione & precedcati unitis non - eff
numerus,

X V. Numerus numeram mulriplicare dici-
tur, Cim toties compofirus fucrit is , qui multi-
Plicanur , quot funt in ipflo multiplicante unita-
tes, & procreatus fueri aliquis,

" Hinc, inomni multiplicatsone unitas eﬁ ad mul-
tiplicatorem ut multiplicatus ad producium.

Nota,audd [&pe cum mudtiplicands funt qnivis
numeri,puta A in Bjliteiarum conunitio pioductium
denotar. Sic AB = AinB.item COE=C in
D inE.

X VI. Cim autem duo numeri fefe multfe
plicantes aliquem fecerint , qui fatus erir, pla-
nus appellabitur, Qui verd numeri fefe mutud

multiplicirint, latera illius dicentur, Sic 2 (C)
in'3 (D) =6=CD, cfthuwmmrrus ploaus.

XV II Cumverd tres numeri mutuo fefe
multiplicantes fecerint aliquem,! qui procreatus
crit, {olidus appellabitur; ux autem numeti mu-~
tud’ fefe mult iplicdrint , atcra illius dicentur,
Sic,2(C) in3 (D) ins (E) =30= CDE
¢} numeries folidus.

XVIIL Qradr:m s numerus eft, qui 2qua-

irer zqualis, vel qui fub duobus zqualibus nu-
nens- continetur, §it Alates quadrati 5 quadia-
s (7 notatur AA,'uel Ag.

X1 X, Cubus verd, qui 2qualiter zqualis
eJualiter, vel qui fub tribus zqual:bus numeris
antinerar. 8it A fatus cubi o cubus noratier i %

\AA, vl AC.
In bac definitionzy & tithus p‘mcm’mt:b a, wais
5 eft nwnmerns. s

X X. Nu~

141
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. X X, Numeri proportionales funt,ctim pri-
mus {ecundi, & tertius juarti 2quemultiplex 4,
vel eadem pars; vel denig; clim pars primi fecun.

~dum , & eadem pars terrii @qué metitur quar-

tum , vel vice ver:d. A.B:: C.D. hoc cit 3.

9§, 1.
? X X 1. Simi'es plani, & folidi numeri fuat,
4ui proportionalia habent latera,

Latera nempe nonqualibet, fed quadam.,
. X XII. Perfectus numerus eft, qui (uisip(-
us partibus eft zqualis, ' 4
. Nt 6, & 28, Numerus vevd qui fi's ipfus par-
tibus minor oty abundans appellatnrs qui very ma-
Jors diminutus, w 13 oft dbundans, 15 <ft dimi-
nutus,

X XT11. Numerus numerum metiri dicia
tur per illum numerum, quem mulriplicans, vl
.# quo multiplicatus, illum producit, ’

In divifione, unitas eff od quotientem, ut divi-
Acns ad divifum.  Nota, quod numeyits alteii lines
d integelti [ubferiptus divifionem denotat o Sic
5 = Adivil per B, ioms S* o= CimA divif.
Pet‘!- '. et
* Termini, five radices proportionis dicuntur
duo numeri, quibus in eadem proportione mino-
res fumi nequeunt,

Poftulata.
2. T Oftuletur, cuiliber numero quatlibes
fumi pofle 2quales, vel multiplices,

2. Quolibet numero fomi pofle majorem.

3. Additio, fubtra&tio, multiplicario, divifia,
extraétionésque radicum, feu laterum numerge
rum quadratorum, & cuborum conceduntur
ctiam, tanquam poffibilia,

Axiomata
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. eAxiomata.
. Uicquid convenit uni zqualium numée
\ rorum, convepit & reliquis zqualibus
fumens, : .

2. Partes cidem parti, vel iifdem partibus
ez dem, {unt quoque inter (e exdem. .

3. Qui numeri zqualium numerorum , ve
eputdem, exdem partes fuerint, zquales inter fe
fant. )

4. Quorum idem numerus, vel zquales, ex-
dem partes fuerint, 2quales inter fe funt.

. A1niras omnem numerum Rer unitates,que
in ipfo (unt, hoc eft per ipfummet numerum me-
titur, -

6. Omnis numerus kipfum metitur per uni-
tatem.

7. $i nomerus numerum .multiplicans, ali-

uem produxerit , metietur multiplicans pro-
iuﬁum per multiplicatum, multiplicatus autem
eandem per multiplicantem.

Hin nullus numeins primss plosus eft ant foli-
olus, quadvatms, vel cubus. .

8. Si numerus ngmerum metiatur, X ille per
quem 4meticur, eundem metictur per cas, qu in
mezicnte funt, unitates, hoc eft per ipfum nume-
rwn metentem. .

9. $i numerus numerum metiens, muliplicee
eum, per quem mctitur, vel ab eo muitiplicetur,
illum quem metitur, producit.

1o. Numerus quotcunque numeros metiens,
compofitum quoque ex ipfis metityr,

*. xx. Numerus quemcunque numerum metie
ens, mctitur quoque omnem NUMELUIN , QM
4lle metitur.

32. Num rus metiens totum, & ablatum, -

actitur & xciiquam,

Pror.
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I’n.dr. I

A..E.G.B 8 ¢3 Si dwolsis numerls
C..E.D {314 imequalibe propeics
H--- ( AB,CD ) detra-
o hatur femper  mizor
*  CD de maore AB ( & reliquus EB de CD
&c.) aterni quidam detractione, neque reliquus
pracedentems metiatir, quoad affumpta fit
uniias GV qul principio propofits fisnt numeri-AB,
CD prim inter fe- crunt. ‘

Si negas, habeant AB,CD communem men-
furam, numerum H. Ergé H metiens CD,
a 11.4x. 7, detiam A B metitur; Eroindc& reliquum EBg
b 12, any. *ergd & CF, atque ©idcirco reliquum FDj
: 3 quare & ipfum BG; {ed totum EB meticbatur;
bergd & reliquum GB metitur, numerus uai-

cs.ant, euem. ¢Q.E.A. :

Pror, II.

9 6 " Duolsus zume-
AcvwnEwweB 1§ 9 6 riudatis AB,CD
- 6 3 non primis intes (e,

CuFouD 2 $ 2 mavimam eatum
G--- commmnem wienfi-
ram F D repenire.

Detrahe minotem numerum CD ex majori
2 6.ax.7. AB,quoties potes. Sinihil relinquitur, * patet
iplom CD effe meximam communem menfu-

ram. Si relinquitur aliquid EB, deme hunc ex

CD; & reliquum FD ¢x BB, & fic deinceps

donec aliquis FD przcedentem EB metiatur.

b7 (nam®hoc fierantequam ad unitatem perveni-
. atyr ) Erit FD mexims communis menfura,

¢ conflr. - Nam ED c¢metitur EB, didebjue & CF;

d a7 e proinde & torum CDj;dergd ipum AE ;atqs

457 idcircd totum AB metitur, Liquet igitur FD

communem ¢l’c menf{uram, Si maximam effe ne-

o - 8%
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1, it major quapiam G. ergd G metiens CD,
metitur AE, ¢ & reliquum EB, dipfitmeue
CF, ¢ proinde & reliquum FD, 8 major mino- 8 f4ppe/f.
rem. !‘QE-A. . hgax 1.
, Coroll. 7
. Hinc, numerus metiens duos numeros, me-
titur quoque maximam eorum communem men.
furam.

Pror. 111

A 12 Tribus mumeris datss-A,B,C

B wine 8 non primis inter fe , maximam

: D....&  ecorum communem menfuram B
C .6 . veperive. .

E.3  Inveni D'maximam com-

F--- * munem menfuram duori A,B.

Si D metitur tertium Cjliquet

D maximam efle trium communem menfuram.
Si D non metitur C, erunt faltem D,& C come
pofiti inter fe, ex coroll, pracedentis. Sit igi-
tur iplorum D, & C maxima communis men-
fura E. crit E is, quem queris. - :

Nam E * metieur C, & D3*ac Diplos A, & 3 7
B metitur; b ergd E metitur fingulos A, B, C; b 11427
nec major aliquis ( F ) cos metietur; nam i hoc
affirmas,  ergd F metiens A, & B, eorum ma- © ¢ 1.7
ximam communem menfuram D metitur; Bo-
dem modo, F metiens D, &-C, ¢ corum maxi-
mam communem menfuram B, ¢major mi- 4 fkppes
nerem, metitur. ¢ Q, E. A. € 745 te

Coioll.
"Hinc, numerus metiens tres numeros; maxi=

mam quoque €arum co.nmunem menfuram me-
situr,

'o - Pror.
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Pros. 1V,
A6 ’ Ommis nawmerns Ay 07038
B 7 numerd B, misor maiovis, ant
O B 18 pars fF; aut pastes, ‘
B eveersee 9 Si A, & B primi fint
a 4. def. 7. inter fe, *erit A tot par=

tes numeri B, quot fnr in A unicates, {ue
b 3.defi7e 6=% 7.) Sin Ametdatur B, Y liquer A e%epor-
- tem iptius B. (ut 6=} 18.) deniyue 11 A, & !
c 4.def 7. B aliter compofiti ‘inter fe fucrint, © maxima
coamunis menfura determinabit, quot partes 4
conficiat iplius B3 ut 6=% g.

Pror. V.
o Awea® ., Dung,
6 6 =4 4 .
B G C12.- Ev . H L. F 8
Si mumcvas A et BC pars faei’t, & alter
D diterins BF exiem pans 5 & finul wteigue
(A~+D ) wrrinsque fimul ( BCEF ) edua
pars cat que ui s A unins BC,

Nam 6 BC in {uas parres BG, GC ipfi A
2quales;atque LF in fuas partes FH, FIE i
a byp D zquales refolvanturs * erit numerus partium
in BC xqualis pumero pariium in EF Quem
b cenfh. igiwr A4D b ="G4+BEH=GC.+HF, i
¢ 2ax.3 AD totics in BC+EF, quoties A in BC,
. QE.D !
‘€ 2ax % Vel fic brevils. Sit azmx & b=y. cergd

e

i

—

a
ab=xry—=t1y. QE. D,
2 3 3

Preop.
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Pror. VL
3 3 4 4 Si - .
A.G..B6 D..H..E8 mouu AB
Ciwenn 9 ) PP ¢ numer: C

paites fuciity & alter DR alterius ¥ eodem partes
<& [imud uies s (AB—DEurviuig; fimn! (C+F)
eedem partes crity que wnes AB wriis C.
Divide AB in luas partes AG, GB; &
DEin fuss DH, HE. Fartium in wroque
AB, DE xqualis cit multitudo, ex hypoth, -
Quum igitur ‘AG * tit eadem pass numeri C, a by,
que DH numeri F, berit AG+UH eadem b g, 5.
fars compofiti C+-F, quz unus AG unius C,
b Eodeni modo GB—+HE eadem parseft ejuf=
dem C~+F, quz usus Gisunjus C; €crgod ¢ 2. ax. 7,
AB_+D& cxdem partes ¢ft iplius C+F, qua
ABRipius C."Q.E. D.
Vel fic. Sit a=}x. & b=}y. dergoatb=a 3. ax 1
2 ty=% . E. D, ’ ’
Fx+3y=iy+x Q

Pror. VII, .
s 3 £y AUMCTYS
A..BE.BS AB  wuemvi
6 1o 6 C . pars fue=

vit, qualis abe
G [ERlX) C ll'l'l'll'Flll'l. D 16 [at”s AE d,.
lati CF; & veligwes £B reliqui ¥ D eadem pars
erity qualis totus AB totiees CD. ,

3 Sit EB eadem pars numeri GC, quz AB § 1.0y,
ipfius CD,vel At iplius CF, ergo AE —+ FB 5.7
eadem eft pars iplius CF &+ GC, quz AE ipfius
CF,vel A iplus CD. cergéd GF=CD au- ¢ 6, a2 1,
fer communem CF, dmanet GC=F .cergd 4 3, ax. s,
E B eadem cft pars reliqui ¥D (GC) qua totus ¢ 2,42, 7.
ABtotius CB. Q E. D. T

Veiitic. Sita +b=x;& ¢4 d==y; atque
tam X =3 y; quama= 3 ¢; dicob =73 d. Nam
3¢~ 3d'=3y=x8=a 4 b, aufer utring;
3 ¢6 =a&Sremanct3d =b, sQ. E. D.

"0 2

~

f1a.
§ by
I)ROPf

» L S



i-S ° -EUCLIDIS Elementorsm.

Propr. VIII

6 2+ 4 3 2 Si nwemie-

A voases H .cG ) E . L . B 16 'y AB nu-~
18 . - 6 meri CD
Cunniniinmin e Flunn D 24 partes fucvir,
qualcs abla-

tus AE ablati CF35 & veliquus EB religui FD ea-
dem partes «yit, quales totres AB totins CD,

Scca AB in AG, GB partes numeri CD; i-
tem AE in AH, HE partes numeri CF; & (-

i‘ ; ::l' meGL = AH=HE; *quare HG = EL. &
boconie Quia® AG =GB, etiam HG=LB. Cuim i-
¢« 3.4 1. gitur tetus AG ¢adem fit pars totivs CD, que
d 7.7, ablatus AH ablati CF 5 4 erit reliquus HG ,

vel EL cadem etiam pars reliqui ¥D, quz

AG iphus CD. Eodem pafto, quia GB eadem

pars eft totius CD, qua HE,vel GL ipfius CF,

# ¢rit reliquus LB eadem pars reliqui FD, que

GB totius CD; «rz0 EL + LB (EB) exdem

eft partes reliqui FD, qua totus AB rotius CD,
.E.D

Vel fic facilids, Sita+b=x. &c 4 d =v.

€9 a7, Tremtamyz== ¥x; quim ¢ =325 vel ¢ quod

idemeft, 3y—2x; & 3c=13a Dicod= %",
3. MNam3 c+ 3d¥=3y=3xf= 2a 4+ ab.
ar. L. lcr€63C+3 d= 2a— 2b, aufer utrinque
7,‘,_,. gcb=2a;&kmanet3 d:= 2blergo d = ;b.
ax. 7. QE.D.

Pror. IX.

A g Si numerss A rumeri

4 4 BC pars fuerit, & alrer D
B..G... C8 altevins BY eadem pais, &
§sD...§ viciffim que pars ot , aui
E... Ho.. F1o paoucsprmus A tertiz Djca-
) dem pars evit , vl exdom

pantes &-fic nduws BC quarti B,

Pogi-
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Ponitur A =3 D. Sintigitur BG, GC, &

EH, HF partes numerorum BC, EF, ha ipfi A,
ille irﬁ D pares. Utrinjue multitudo partium
2qualis ponitur. Liquet verd BG 2 eandem effe a1, ax. 7,
partem, aut eafdem partes ipius BH, quz GC & 4.7.
ipfius HF; bquare BC (BG «+ GC) ipfius b 5> vel 677
EF (EH - HF ) ecadem pars eft aut parzes;
quz unus BG (A) unius El—g (D) QE D

. Velfic; Sit a=b. &c'=>d., dicoa r.ax 70

3 3
c=d Namcr=3d=d.
a b I » b
Pror. X.
A.G.Bg Si numerns AB numeri C
C ....-.f - partesfuerit @ alter DE al-

N | 5 teriug F eadem pates: Et
" D...H.owBro wvicifimqua partes off pri-
F o ivoranina 1§ mus AB tertii DE, aut
par; : Eadem partes eiit &
Jecundus C quarti ¥ 5 aut paus,
Ponitur AB=1 DR, & C= F. Sint AG,
GB, & DH, HE partes numerorum C, & F,
tot nempe in AB, quot in DE. Conftyt AG
jpfius C eandem efle partem, quz DH ipfius F.
a quare viciffim AG ipfius DH, paritérque GB ; 4 -,
iptius HE, &® proinde conjunétim AB ipfiusy, ¢ 5 5 o,
DE caii)cm pars erit, aut partes, quz C ipfius F,
. B. U,
pplicare potes fecundam prazcedentis demon=
fteationem ¢tiam huic.

Prop. XL -
4 3 Si fuerity ut totus AB
A...Ba B7 ad totum CD, it7 ablatus
8 6 AE ad ablatam CF; &

C .n'--"F mvnD 14 reliquus EB ad 'I‘thwl';‘

03\.'55'
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¥D erit, ut totus AB ad torum CD,

a 4.7 Sit primo AR 2 CD, *ergd Au vel pars

b 20.def.  eft, vel partes numeri CI5 teademque pars et

¢ 7;vel 8.y, vel partes ipic AE iplius CF; ¢ergd reliquus ET3
reliqui F D calem pars cft, aut partes, quae torus
AB totius CD. bergo AB. CD ::E3. FD.
Sin fuerit AB . CD; eodem moda erit juxea
modo oftenfa, CD. AB:: FD.EB. ergd in-
verrendo AB. CD 1 : EB. ED,

Prop. XIL -

A; 4. C, 3 E, 3. Si [ut quotcungs ni-
B, 8. D, 4. F, 6. meii pioportienales ( A
*B::C.D::E.F)ec-

vit quemadmodum wnus antecedentivm A 2d  wuwn
confiquentium B, itd omncs antecedentes { A
C -« E ) ad amaes confequentes ( B+ D —+ F).
Sint primo, A, C, E minores,quim B,D,F.
aTzo0. def. 7. ergd (propter ca{dem rationes ) 2 erit A eadern
b 5, &6.7. parsaui partes ipfius B, quz Ciplius D, b erzo
conjunétim A 4 Ceadem eric pars aut paries
ipius B + D3 qua unus A unius B, Similiter
A -+ C —+ E cadem pars eft, aur partes ipfius
¢ 20.def.7. B+ D+ F, ?:ua: AiplusB. cergd A + Cp
. B.B4D+F:: AlB, QED. Sin A,CE,

ipfis B, D, F majores ponantur, idem oftende-
tur invertendos ) .

v

.

S

Pror, XIIIL

St quatuor numevi propsyii-
A, 3. C 4 ondefint (A B::C.D,
B, 5. D, 12. & wicifim proportionales e«

wunt (A.C::B.D.)
* Sint primg A, & C ipfis B, & D minores.
a 20, def. 7. arque A =3 C. Qb eandem proportionem,? cric
b 9. & 1o7. Academ pars, aut partes iplius B,quz C iplus
D, b ergo viciffim A ipfius C eadem pars eft,aut
partes; quz B ipfius D, ergd A.C:: B. DASm
. c
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A C atque A, & C' mdjores fatpantur,

quim B, & D, cadcm res crit, proportxones in-
vertendo. :

. Pror, XIV.

A 9. D, 6. Si fnt queotiunque nuwm

P, 6 E, (4 A.B,C, & aliitotidem DB, B

<G 3 ¥, '3 illis equiles myltitudine, qus bini
fumantur , & in eadem ratione

(A.B::D.E. &B.C::E. F) ciamex «-

qul;ratcm cadem ratione eunt, (A, C ::D. F)

Nam quia A,.B:: D.E,* emvxcxﬂxm,\ D::aisg.
B. B :: 2 C. F. %ergd iterum permu'ando
A.C::D.F, QE,D. : .

Pror. XV

1. D, SEunitds numCIm quctie
B .w 3. E 6. piam B metiaturs aque autem
ator nwmerus D alterum

quendam nmerwn B metiatur & viciffim #gué
yirisas tovtiwin pumeiuin D waeticiury & fecundus B
qicariun B,

Nam quia x eft eadc'q pars iplius B, quz D
ipfius E, 3 érit vxcxﬁxm 1 cadem pars ipGus D, 47, 7,
quz B ipfius B, Q. E,D.

Pror. X VI, .
. Si duo aumeri A,B fe/'e )
B, 4 A3, mmtsd multzflmn.e: Jece-

A,3. 7 Byg. o riatdliques AB, BA, gewi-
AB, 12, BA, £3. tiexirjs AB, BA mpulcs
o dnter fe c/lmt.
Nam quia AB = Am B, dericxin A toti- 3 yg. def 7

€s quoucs Bin AB.bergo vxcxlﬁm I in B totjes b 15 7.
erit, quoties A in AB. aiqui quonidm BA = B¢ 4. 4v. 7
in A,* erit 1 in B toties, quoties A in BA cre
go quoties 1 in AB, totxes rinBA 3y & ¢ pro-
inde AB 5 BA. Q. E. D .

o 4. ‘Pronr.
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a ;s. def. 7.

© b oo.def 7,
€ 13 7

1167,

b 17. 7.

EUCLIDIS Elomentorsm.

Pror. XVIL
A, 3. Si mumevis A duos nu-
B,3 C.a wnevos B, C multiplicans fe-
AB,6. AC, 12 ceritalignes AB, AC ; ge-
niti ex ipfis eandcm vatre-
mmcbals&m, auam mulsiplicati. ( AB. AC :
B. (.

Nam quia AB=t A in B, derit x toties, in

A,quoties B in AB.*item quia AC =]A in C.
erit 1 toties in A, quoties C im AC. ergo quo-
ties Bin AB, toties C.in AC. quare B. AB
CSAC. cergd viciffim, B. ¢ :: AB. AC.

Q.E. D.

" Paor. XVIIL

GC,S. C,s. siduo mmeri A, B,
A,3. B, 9. nUMLTUIN que}xpim C
AC: 1¢. BC. ag. mudnplicantes fecerint a-
AC;ty. BG .45 liquss AC , BC; geviti
exipfis eandem vationem habebunt , quans miultipli-
cantes. (A.B:: AC.BC.)

Nam AC*=CN\; & :C*=CB; fic idem
C multiplicans A, & B producit AC, & BC,
bergd A. B:: AC.BC, Q.E.D.

" Schol.

" Exhis pendet modus vulgaris reducendi fra-

&iones (4,1) ad eandem denominationem.
Nam duc gtamin 3, qudmin g, proveniunt
21 = 4 quoniam ex his, i.s 2 27, 4§, item
duc § in7,& g,prodeunt {=7. quia 7.9

$e 450 .
3 Pror. XIX,

A, 48,6, C,8.D,13,  Siquatuorm-
A D, 48, BC,48. me: i proportiona-

. bes fuerinr, (A B

C. D) s qui ex primo &~ quarto fit mumerus A D,
acualiseft ci , qui ex fecundo O tertio fit, numers
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BC. Etfquiex primo & quarto fit mumerns AD)
wqualis [1t e o quiox fecundo & tertio fit, mumero
BC, ipff quatnor muimeri proportionales ciunt.
(A.B=C. D) a .
1. Hyp. Nam AC, AD*2C. Db A b by
Be: AC.BC. dergd AD == BC. QE.D: § ;8'57- :
2. Hyp. Quoniam ¢ AD = BC, erit AC. . ),
AD £:: AC.BC. Sed AC.AD$:: C.D.&f 5. 5.
AC.BC*:: AB. ¥ergd C.D : A.B.Q.E. D. ;};l vg. ; '
" 18. .

Pror. XX. ka5
A.  B. C. . Sitres numeri proportiona-
4 6. ~ 9. les fuerine A.B: B.C.)
AC,36.88,36. qui [ub extremis continciuy
D, 6. (AC) s equalis eft ¢i y qui
a medio efficitur (BB). Et fi
qui [ub extromis continetur (AC) aqualis fueiit ¢

~

" (BY), qui fish medio , ipfi tres mameri projortia-

A By
wales erunt = E)‘ ——

r. Hy. Namfume D =1D. 2 ergd A. By (o
b ¢B). C. » quare AC = BD, vel LB.

2. Hyp. Quia AC ¢=BD, derit A B 3 D’; f;g‘m
(). C. QE.D. o
’ Pror. XXI.

A.iG.B¢. E .ieee 10, Numeri AB ,
C.H.D3 F...6 CD ninimi oim-

: nium eandem cum
eis rationem babenlium (E,V) metiuntyy aqué -
wmeras B, F eandem ciin eis vationem babentes, mow .
Jor quiden AB majorem E , winor verd CD nu ?
noren E.

Nam AB. €D *:: E, F.? ergd viciffim « by’
AB. E:: CD. F, cargd AB eadenr pars eft; b 13. 7.
vel partes ipfius E, qua CD ipfius F. Non par- © -4/ 7.
tes, nam fiitd, fint AG, GB partes numeri E; '
& CH, HD jares nume:i F. ®crgo AG. E 3 -

Qs CH.
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4 13,7, CH. F; & permutando AG. CH 4:: E. Free
< bpe AB. CD. argd AR, CD non (unt minimi ia
: fua ratione, contra hypoth. ergd, &c.

Pror. XXIL

. A, 4. Dy1a.  Sifurvint tves nwmcri A, B,

" B,3. E,8. Ci¢ dii ifis rultituiiue -
€,2. F,6. quales Uy E, ¥ qui bow (u~
. mantur 4 < In exdcm valimne
{ucrit awtem peitw bata coram ropartis (A.B : E.F
&B.C :: D.E);etiam ex equalitate in eadein v.it1o-
weunt (A.C::DoF)

a bp’ Namquia A. B3:: E.F,erit AP = BE; &
: 12 7. quia B.C:*D.E, berit FE=CD. <ergo
d 19 7. £.=CD.dquarea.C:D.F. Q E.D.

Prer. XXIIIL

A, 9. B.g Primiinter fz numeri A, B3
C----D--- punimt fugt omsiun czpdon
B-- cigm eis rationem haventiuiz,

Si fieri poteft, fint C, & D

minores , quiam A, & B, atque in eadem ratic-

a7 ne.* ergd © metitur A zqué, ac D metitur 1,
-putd per eundem numerum E : qgotics igitar

3.def. 7. 1 in E,P toties erit C in A, “quare viciflim quo-
57+ giespin Crodes Ein A, hmilidi.curlu quoties
1in D, totics E in B.ergd E utrumque A, & B

metitur 3 qui proiade inter fe primi non funt,

contra Hypoth,

Pror. XXIV.

A0 B4 Numeri Ay By minimi omiie
--- am caadem cum cis ratienen

LY

b
€

Dove E-= babeatim, prink inter fo funt,

. Si fieri poreft habeant A,
‘a g.ae.7. & B communem menfuram C ;5 is metiatur A,
b7.7.  parD,&Bper Ejrgo CD=A,>& CE =B.
b quare
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bquare A. B ::D. E. Sed D, & E minores {unt, b 17.
© quam A, & B , utpete eorum partes.. Erga A,
& B non fun: minimi in fua ratione , contra
hypoth.

55
7

Pror. XXV,
_ Si dup xumeri A, B piimiinter .
A.9. B.a [ofuint, qui wnm eoum A
C 3. D. - metitng mumcrus € o ad veliguuin
B primus evit.

Nam fi affirmes aliquem 1) pumeros B, & C
metiri, @ ergé D metiens C, mmtur A, ergo g 11, ax. 7,

“A &3Baon *funt primi inter fe contra Hypo:h

Prop. XXVIL . -

A s C,8, St duo numeri A, B ad
B, 3. quempiam C primi fucl 7
15, E-wwe Goun ex iis genitus AB

F ~cma adawdin C primas tidy
Si fieri poreft, fit ipfo-

rum AB & C communis menfura, numerus K. '
sftque %B =F; 3ergd AB==EF;Pquare E, as ay.
A B F Quiaverd A primus eft ad C quem 9.7

"L metitar, ¢ erunt E & A primi inter (e, 4 ade- § a
oqae in {ua proportione minimi, & ¢projnde - ¢ 3, J
¢ metiuntur, B, & F; nempe E iplum B, & A

ip.um F, Quum igitur E utrumque B, C me-

‘tiatur , non C’l.wt illi primi jnter fc conta

H]poth

~

Pnop. XXVIIL

A, 4. Bys. Siduo numeri, A, B, primi
Aaq, 16, - Ao fo furiint, etiam ex wio com
.D, 4. . vum genitus (Aq) ad velis J1uem
B oirnmuserits »

Sume D = A; cago finguli D, &AD:mar ™ 7,
funtad B.b qugre AD, vel Aq ad Bpu'nus cit, b 26. 7.

Q.E. D.

" ProPR.
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EUCL2DIS Elementoram
{Prop. XXVIII

A . C, 4 8i duo numevi A, B ad
B, 3. D,1.  dws numeros C, D, »-
AB,15. CD 8, terque ad wtiwmque primi
) fucrint | & qui ex eis gi=

gnentur AB, CD, primi inter fe evunt.
Nam quia A & B ad C primi (unt, 3 eric AB
ad C primus. Eidem ratione erit AB ad D
primus. *ergd ABad CD primus eft. Q. E. D.

Pror. XXIX.

A3 B, 2. Si duonwmevi A, 3 piimi
Aq, 9. Bq, 4. inter fefucrint 5, & multipli-
Ac, 27, Ec,8. cams mierque feipfum fecerit a-

: . Dquem (Aq, & Bq); O ge-
wniti ex ipfis (Aq, Bq) primiinter feerunts & £
qui im principie A, B gemstos ipfos AQ, BQ wultipli
cantes fecevint aliquos (Ac,Be); & bi promi inter [¢
erunt: & femper civca extremes boc eveniet.

Nam quig A primus et ad B, 2erit Aq ad B
primus. & quiz Aq primusad B, * erit Aq 2d
Bq primus. Rurfus quia tam A ad B, & Lg;
quim Aqad cofdem B, & Bq primi {unt, beric
A x Aq, ideft Ac, ad B x Bq, id eft Bc, pri-
mus. Et Gc porrd de reliquis.

Pror. XXX. )
s s Siduo vumesi
A mnms ..v.c x}- D"'-. AB, BC P'fiwi
. inter [ fuerint,
otron wtevgue fimul (ACY &d quemliber illorum
AB, BC primus evit. Et § uterque fimml AC ad
unum abi-uems illorums AB primus fuerit, etiam qui
an priucipie numers AB, BG primi intey {e erunt.
1. Hyp. Nam i AC, AB compofitos velis,

a 1247 {it D communis menfura. * ¥s metietur reli-

auum BC. ergd AB, BC.non funtprimi inter
2; contra Hypothy ’
: , R
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2. Hyp. Pofiis AC, AB inter fe primis, vis
D iplorum AB, BC communem efle menfuram.
P Is igitur totum AC metitur, quare AC, AB b 10,4x.7.
non lunt primi inter fe, contra Hypoth,

T Corell, o

Hinc numerus, qui ex duobus compofitus, ad

unum illorum primus eft, ad reliquum quoque
primus cft. '

Pror. XXXUI.
) Omais primus numierus A ad opmem
A s, B,8. wmumerwm B, quem non metitur,
¢f.
Nam fi communis 2liqua menfura metiatur
usrumque A, B;2 non erit A primus numerus, a t1.defin
contra Hypoth, :

Pror. XXXII.

A4 D,3. Si duo uumeri AB, [e mu-
B, 6. E tuo multiplicantes fecersat ali-
AB,24. = quem ABy genitum autem cx
spfis AB metiatnr aliquis pri-

2rus numerus D, s etiam unem eocsm , qui a prin=
cipi vel B metietur.

‘?‘I::)rﬁ, numerum D non metiri A; fit verd
%B =E. a C\'g(‘) A#:DE- b qual'e D- A 2 a9 ax.%
B.E, ceft verd D ad A primus, ¢ergo D, & }:’ b";' ';
A minimi {untia fui ratione; €proinde D me- ;,“;,'
tisur B, 2qué ac A metitur E. liquet igitur pro- d 13.7.
pofitum.. - €37

Prop. XXXIIL

A, 13, Omnem compafitum numersm A, ali-
B, % Qs primus monerus B metitur,

Unus vel pinres numeri * metian= 2 13 def.
i A > quorumminimus fit B, is primus erit.
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a 13.def. 7
b 11,4ax. 7.

2337

a7
b 37

c9. ax7.
d 17. 7.
€ 21,7,

f g ax. 7
§ 1. 4x. €
19. 7.

k fuppof.
130, def 7

EUCLIDIS Elementorum

* nam fi dicetur compofitus , ® eum minor aliguis
metictur, » qui proinde ipfum A metierur. quare

"B non eft minimus corum , qui A metiuntur;
contra Hypath. ’

Pror. XXXIV.

Omnis nwumerns A aut prius eft , ot
A, 9. cum aliquis primus mctituy,

Nam A neceiiario vel primus cft,
vel compofitus. Si primus hoc eft quod afferi-
mus, Sicompofitus, 2 ergd eum aliquis primus
metitur, Q. E. Do

Pror. XXXV,

A,G. 3;41 C,s- He-T«-K-ane
D, ..
E,3 F,2 G4

Nuinciis datis quotcungue A,B, C reperic wiie
wos oinium B, ¥y G eandem vationem cum cis hi-
beatiin. - .

SiA, B, C primi int interfe, ipfi ir fua ra-
tione minimi ? erunt, Sicompofiti fint, ® ¢t
eorum maxima communis menfura D, qui ipfos
metiatur per E, F, G, Hi minimi erunt in 1a-
tionc A, B, C.

Nain D dutus in. B, F, G ¢ producit ARC,
d ergd hi & iili in eadem fun ratione. Jam puta
alios H, T, K minimos effe in eadem; € qui pre-
pterea ®qué metientur A, B, C, nempe per nus
merum L. fergé Lin H, T, K ipfos A,B, C

rocreabit, Bergd EOQ = A=—=HL. hunde E.
g—l 2 L.D. Sed EXemHilergo L o D. ergo
D nan eft maxima communis menfura iplorun
A, B, C; contra Hypoth.

: Caroll.
Hinc maxima communis meafura quetlita
) - numecrorum
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numerorum meticur ipfos per numeros, qui mi-
nimi funt omnium eandem rationem cum ipfis
Liabentium. Ex quo pater methodus vulgaris re.
ducendi fractiones ad minimos terminos.

Prop. XXXVIL

Duobus nmumeris datis A, By veperive quem illi
PLLRLIMIM WICLLII 147y isineTm,
. 1.-C4f. Si A, & B primi
A> XBB{:‘ fimt in'erffe, et AB quzpﬁtus_
5 » YRR Nam liquet A,& B mctiri
E~-=F--- AB.Si fieri poteft, meijan-
. tur A & 3aliquem D—AB;
puta per E, & F. 2ergd AEZ=D=BF. »quare 2 9. ax. 7.
A.B :: F.E. Quia vere A, & Beprimi funt & 1+ ax. &
inter {e, 4adedquc in fua ratione minimi, ¢ 2qué ,}’?'_7'
metientur A iptum ¥, ac B iplum E, Atguid 13, 7.
B.Ef:: AB.AE (D). 2ergo Al etiam me- ¢ 21. 7.

159

i ipfo mi fiy. 7.
tietur D, feiplo mincrem. Q. E. A. g 4 e
A,6. B,ge Foew-- = 2. Caf. Sin
C,3.D,2, G---H-== A,&Binerfe

AD, 12 compofiti fue-

rint,b reperian- h 35.7,
tur C, & D minwni in eadem ratione. *ergd k 19, 4.
AD=BC. Evit AD, vel BC quafitus.
Nam !liquet B, & A iplum AD,vel BCy 5 4y 9.
. metiri. Puta A, & B metiti F = A1, nempe
A prr G, & B per H. mergo AG=F=BH. m 5. ax. 7,
syunde A.B::H.Ge:: C.D. ?proinde zqué n 15. 7.
metitur C ipfum Hyac D iplun G. atqui D.G o cnfir.
2 :: AD.AG (F). ergd AD rmeritur F, major P 2!+ 7+,
. q17. 7.
minorem. Q_E, A, r 20, def. 70
{oroll.

Hine, fi duo numeri multiplicent minimos
candem rationem habentes, major minorem, &
minor majorem, producetur numerus minimus,
quem illi metiuntur,

Pa Pror,



ice

a by

b conflr. .

€ 1. ax. 7
d 13, &x. 7.

8 3¢5

b7

EUCLIDI1S Elementornns.

Pror, XXXVII,

A, B,3. Si due mumeri Ay B nu-
E,.....6. merum quempiam CID e
C-o-cFancD tiantur; etiam minimus E,
' quem il metivntiur 5 eune
dem CD  metietur.

Si negas, aufer E ex CD, quoties fieri p-
teft, & relinquatur FD = E. quum igjtur A
& B2 mesiantur B, ® & E ipfum CF, < etiam
A, & B metiuntur CF; * metiuntur autem co-
tum CD; 4 ergd etiam reliquum FD metiun-
tur. ergd Enon eft minimus, quem A, & B
metiuntur, contra hyp.

Pror. XXXVIIL

A.3,B,4,C6. Fribus namevis datis AB,C
D, 11. Yeperire munimum, qisem illy mes
: Liuntir.
3Reperi D minimum , quem duo A, & B
metiuntur, quem fi tertius C metiatur, pazet D
efle quafitumi. Qudd i C non metiatur D, (e
E minimus, quem C, & D metiuncur, Erit
E requifitus.

A,2.B,3.C,4. Nim .ﬁngulos A, B,C

D, 6. Fyx1a,  metiri E conftat ex 11. ax.

F--- 7. Quod verd nullum ali-

" um F minorem metiantur,

facilé oftenditur. Nam i affirmas, b ergo D

metitur F;®proinde E eundem F metitur, ma-
jor minorem, Quod eft abfurdum.

Coroll.

Hinc, f tres numeri numerum quempiam me-
tizntur; ctiam minimus f quem ;illi metiuntar,
eundem metictur.

AY
Pror.
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Pror. XXXIX.

A, 12, Si-numerum A quifbiams mumerds
B, 4,C,3. B metistur, ille A quem | B meti-
sur, partem babeb;t C, d metiente B

\

devominatam. - -
Nam quia A‘ C,* erit A...BC. cxgo 2 by
b 5. #x. 7.
A =B3. QE.D. S era
Pror. XL
Si numerus A partems babuevie
A, 1. - quamliber B, metietur slium nume-
B,g GC,s. mr C,2 quo ipfs pars B denomi-
natur.
Nam qmaBC‘:A,bent A....B QE.D. a &
9. &. .
b7 7
Prord XLI.
¥ G,12.  Nwmerum veperive G, qui mini-
3 H-.. ms mm [t o babeat da:aJ paites,
AL-. 'i’ T: T-
*Inveniatur G minimus, quem denominato- |
s 2, 3; 4 metiuntur, b Liquet G habere partes, b 39, 7

L% Si fieri potet H— G habeat cafdem
Partes; cerpd 2,3, 4 metiuntur H, & proinde ¢ 40. 7,
G non eft minimus, quem 2,34 metiuntur, '
contra conftr,

P3  LIB



2 14.7.
b 23.7.
€ 3.7,

a 7.
b 24.7.
€ 29.7
d 18,

17,7,

-
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Pror. 1,

A, 8.B,12. C,18. D, 37
E-F e Gov-Hevrmn

N fuevint quotcingue numeri din-

N ceps proportionales Ay B, C, D ex-

B remi vers ipfovum A, D priwiin-
QW ' [¢ fuerint,ipf A, B, C, D mi-
R il fimt emaium eandem cum ois
" rationem habentium.

Nam,fi fieri poteft,fint alii tutidem E.F,G,H
minores in illa ratione. 2 ergo ex zquali A.D: :
E.H.ergd A, & D priminumeri, ® adedque in
fua ratione minimi ¢ 2qué meriuntur E, & H
feiphis minores, Q. E. A.

Pror. 11
b
A,z B,3. .
Aq, 4. AB,6. Bq, 9. .
Ac,8. AgB, 12 ABq.18. Bc,27.
Numeres veperire deinceps proportionales mivimus,
qzotgunque juferit quifpiam, in data vatione A
ad B.

© Sint A, & B minimi in data ratione. Erunc
Aq, AB, Bqtres minimi deinceps in ratione A
3 .

d B.

Nam AA,. AB* :: A, B2:: AB. B®,
itentquia A, & B® primi {unt inter fe, cerunt
Aq,Bq inter {e primi; 4 proinde Aq, AB, B}
funt £~ minimiin ratione A adp. °

Dico porco, Ac, AqB, ABg, Bc inratione

A ad B quaor cfie minimos, Nam Aga,

AqBe:: AB¢:: ABA (AqB) ABB, cagy;
A.B :: ABq. BBq. (Bc) Quum igitur Ac, &
Be
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& Bc f inter fe primi fint, Serunt Ac, AqB,
ABj, Bc quatuer .23 minimi in rarinne A adB.
Eodem modo quotvis proportienales inveftiga-

bis. Q. E.F,
Corall.

1. Hing, fi tres numeri minimi funt proporti«
onales , extremi quadrati erunt; fi quatuor,
cubi.

2. Extremi quotcunque proportionales per
hanc propof, inventi in data ratione minimi,in-
ter fe primi funt, L
3. Duo numeri, mjnimiin data ratione, me-
tiuntur omnes medios quotcunque minimorum
in ecadem ratione, quia fcilicee producuncur ex
illorum multiplicatione, in alias quo{dam ru~
meros,

4. Hincetiam liquet ex conftru@ione, feries
numerorum 1, A, Aq, Ac; 1, B, By, Bej A,
AqB, ABq, Bc. copftare xquali multitudine
numerorum , ac proinde cxtremos nuamescs
quotcunque minimorum continué proportiona~
lium, cfle ultimos totidem continué prapartio-
nalium abunitate, ut extremi Ac, Bc continug
proportionalium Ac, AqB, AB3, B¢ funt ultimi
‘totidem proportionalium ab unitate 1, A, Aq,
Ac; & 1,8,B, B, '

5. 1, A,Aq, A& B,BA,BAq; ac Bq, ABg
funt =5 in ratione 1 ad A. item, B, Bq, B¢; &
A, AB, ABq; ac Aq, AqB funt - in ratio=
acrad B /

Prop. IIL

163
£ 29, 7.

g '8

" A,8 B;12. C,18. D, 28, Si fint quot- .

cunque numeri

A, B, C, D deinceps proportionalcs, minimi emni=

wunm eandenttum ¢is vationem babentinin Workm ex-
tremi A, D [untinter f¢ primi,

Nam
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128

a 36.7.
b 3 peft.7.

¢ 9. ex.7,
d ity -
eT7.5.

f 21.7.
§ 377

b 3pep7

AN

- . ° -
EUCLIDIS Elementorum
Nam fi* inveniantur totidem numeri minimi
ia ration€ Aad B, illi non alii erunt, quim
A, B, C, D; ergo juxea 3. coroll. precedentis
extremi A & D primi funt interfe. - Q. E. D,

Pror.’1V. |
A6, B,5.C,4. D, 3. Rationibus ds-

H,4. F, 24, B,20. G,15. i quotcungs.in

e-K--L--- minimis teyminis,

: (AadB,&Cad

D) veperive mumeres deinceps minimes in datis ra-
tionibus. _ '

2 Reperi E minimum, quem B, & C metiun-

tur; & B iplum E » zqué metiatur, ac A alterum

F, puta per eundem H. Pitem Cipfum E,ac D

alterum G 2qué metianmur, erunt ¥, E, G mi-

nimi in datis rationibus. Nam AHc =F; &

BHe¢=E.dergd A.B:: AH.BH «::F. E.
Similiter C, D :: E. G. funt igitur F, E, G
deinceps proportionales in datis rationibus. Imo
minimi funt in jifldem : nam putaalios I, K,L
minjmos effe. fergd A, & BiplosI, & K, fpa-
ritérque C & D ipfos K & L =zqué metiuntur,
ergd B,& C cundem K metiuntur.sQuare etiam
E cundem K metitur, feipfo minorem. Q. E A.

A,6. B,1. C;4 D,3. E;5. F,7.
H, 14, G,20. 1,15. K, 21.

Datis vero tribusrationibus Aad B, & Cad
D; ac Ead F, Reperi, ut prilis, tres H, G, I
minimos deinceps in rationibus A ad B,& Cad
D.tuncfi B numerum I metiatur,

bSume alterum K, quemF 2qué mesiatur; e-
runt quatuor H, G, 1, K deinceps minimi, in
datisrationibus, quod non aliter probabimus,
quam in priori paste, ) :

A, 6:

|

‘\
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A,6.B,5.C,4. D,3. B;2. F, 7.
H,24. G,29. 1,15. .

M, 48. L, 40. K, 30. N, 105,
$ in £ non metistus I, fit K mini.
. mus, quem E , & I metiuntur ; & quotics
Y ipfum K, toties G ipfum L, & H ipfum M me-
tiatur. quoties verd E ipfum K, toties F ipflum
N metiatur, Erunt M, L, K, N minimi dein-
ceps in datis rationibus, quod demonfirabimus,
ut prids,

Pror, V.
- : Plani  vumery
C,4s. E)3 CD,; EF ralj-
D, 6~_. F,16 ED, 18, onem babent ex la-
CD, 4. EF¢8. beribus compofitam,
¢+CD C D

EFTE VF. 2 17, 7.
Nam quia CD.ED?*:: C.B; * & ED.EF

b 20, defig,

cDb__CD ED . . o) !
— T = — . 5
D.F. atqquEF D ~* £, °.Crit ratio ‘
CcD [y
—n = — oo T . . D,
EF B F. lE

Pror. VI

A, 16.B,24.C,36. D, 54.E 81,
F,4. G,6. H,9.

§i fint quotcunque wumcrs deinceps proportionales
A, B,C, D, E: primus autem A (ecundum Bum
mcriatir, weque alins qusfbiam ullum metietuy. ,

Quoniam A non metitur B, ® neque quilibet 2 10,4
proxim¢ {ejuentem metictur;quia A B B.Ci: ™ ™ o7
C. D, &c. ® Accipe tres F, G, H minimos in "
ratione A ad B. quoniam igitur A non meti- =~ 35 7*
wr B, neque F metietur G, cergd F noneft ¢ ¢ o,
unicas, fed F, & H inter {c primi funt; ergd 4 3. 3.
quum ¢fit ex 2quy A.C:;F.H, & F non ¢ 14, 7.
metiztur H, ® neque A ipfum C metictut; pro-
inde nec B iplun D, nec C iplum E, &c. quia
A.CeiiB.DeiiC B, & {Eodem modo

S fumptis

7.

'



aéb7.

a 35.7. .
b 14 7. .
c byp.
d 3 8
¢ 21.7.

£ confir,

EUCLIDS Elementoruns

“fumptis qatuor vel quingue minimis in rario-

ne Aad B, oftendcrur Ainlos D, & E; ac B
ipiss By & F non merir, &c. Quare nuuds
alium metietnr. QU E. D,

- Pror. VIL
A,3. B,6. C, 12 D, 14, E, 48,

Si fint quntcunqus aumcii doinceps proporiondcs
A, D, C, D, E; piiimus autem A cxteeniens B pic=
Biarur, is eliam metitur fecwndum B,

Sincgas A meriti B,*erg6 nec ipfum E me-
tictur, contra Hypoth.

Pror». VIII,

A,24. C,36. D, 54. B, 81, Si inter dues
G. 8. H,12, 1,18. K, 27. mncros A, B
E,32 L,48. M. 7. F,108. medi contipud
projovtions ce=
ciderint momers C, Dj gquot iater cos medii cone
Linud proyoctione cadunt numeris tor & fnter alips
E,F eauden cum sllis habentes vationem medss
contimsi proportiose cadent. (L, M.)
31Sune G H, LK mininos = in rta:ione
Aad C;berit ex 2quali,3.K:: A, Bc 1 E. F,
Arqui G, & K 4 primi {unt inter fe; ¢ quare G
#qué metitur B ac K iplum F. per eundem ny-
merwin erjatur Hojplum L, & I iplum M.
f jtaque E, L, M, F itd (e habent ut G,H,LK;
hocettwt A, B,C,D. Q.E.D,

PRO’. I x. '
S N 8t duo numeii
E,2 F, 3. A, B fint inter [
G,4. H6. I,0. primiy & gt

A,8. C 12, D18, B,27. eov medii conti-
o . mi propoitigie
cecideriat nienersy, Cy Dy quor inter cos medsi con-
s
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_ Liber VIII.. o 167
pinud p,ohmzrm'mr levin; mmneriy totidem ( ¥ G;
& F. 1) &rinter wimngite eor.ns ac weseits s vigm
dii coring pooderione cadont,
Conltat 1,E,G. A; X, F,I,Beflt I5%
totidem quet A (.,, D B, 1mnlru n¢x 4 coroll,
z 8 QE. D N

.o Pror, X,

A, 8 1,12 K18, B, 27, . Sioimter dust ., - .
" E,4 DE, 6 G, 9. : myncios A, B, &
D 2. E,3. wnitaten copané -
1. preyorizonsles - eci-
' devint memeri (E,
D; & E,G,) quot inter wtramque iploum, &
waitatem i aceps medit contind pioportione cadynt
numori, m’ldl:m(?‘ inter #pfos mdu continud prge -
poritone cadent, T, K.
Nim E, DF, G; & A,DqF (1), DG (K),
B funt £, per 2.8. ergd, &c. .

Pror, XI

A2 B, ;; . Duorum quidratovun
Ag, 4. AB,S6, Bq.y nawerorwm Ag, By wnus Co
medis prover sonalis eft: : .
memerns AB. t’y' quadratuin Aq al quzdvatum
B, duplicaan habet laters A ad latus B I
tigncrn.
2 Liquet Aq, AB, Bq efle i, bpromdc 2 17. 7.

Aq v b 1o.def. 5,
‘mam: Bq"E bis, QE.D. .

Pror,
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Pl oP, X 1. -
Ac,27. AqB;36. ABq,48.Br,64. Duorim
A,3. B4 ekborum -
Ag, 9. AB, 12. Bg, 16, mererum AL,

. 3 B¢ due me-
dii praportionales fiunt numers AqB, ABq. Er cubus
Ac ad cu'um Be tiiplicatam babet Literis A ad
o latus B yationem. - AB . -
2. 8, 3 A 1
: Yo def. 5 Nam Ac, ‘&.q}, AP —q,A Bc funt = in ratios
a¢ Aad B, proinde Fo=g rer, Q E. D.

- : Pror. XIIIL
t ' . A2 B,g C,8.
Aq, 4, AB. 8, Bq, 16. BC, 33, Cq.6€4.
Ac;8:AqE,16,ABq. 32.B¢,64,B4C, 128,BCq,256. Ce,51%,
Si fint quotlibet numeri deinceps propoytioales,
A, B, C; & mudiiplicams quifque feipfum fariat
“aliguos 3 qui ab illis producls fuerint Aq, Bq, Cq
propectionales evunts & fi numeri primum pfiis A,
B, C mulsiplicantes jam faétos Aq, Bg, Cq, fecc-
“gint aliguos Ac, Bc, Cc s ipfi guog; properiionales
erunt. & femper civca extremos boc evenizt.
a8 Nam Aq. AB, Bq, BC,Cq?funt i& bergd
b 147 exzquoAq B1:BgCq Q.E.D.
4 Item-Ac, AqB, ABq, Bc, BqC, BCq, C¢
funt =i , ®ergo iterum ex &quo, Ac. Ec i Be
Ce. Q.E.D.

Pror. XIV.

‘Aq,4. AB,12. Bq,36.  Siquadratus mi- .

A.a. B, 6. merus Aq quadia-
) ‘ um numeinm Bq

. wuetiatuy, & latus anius () metietur latus altorins

(8): & ff uatus quadrati lains A meiictur latus dl-

tecins B, & quadratus Aq quadratum w.q metictar,

a3 %18 L Hjp, Nam Ag. AB *:: Aq. Bq; cum
igicir ¢cx hyp. Aq metiatur,Bqy idem Aq (e-

cinddm
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#undum AB ¥ metierur. eqni Aq AB : ACb 7. 3.
B. ©ergo aism Ametiur B. Q. E. D. ¢ 30.dof. 7.
3. Hyp. A metitur B. cergo tam Aq iplom
AB,¢ AB iplum Bq meting; 4 & proinde d 11, ax. 7
Aq mctitur B¢ Q E. D,

Pror. XV.
_ A, B,6 Si cubus wik
Ac,8.498,34. ABq,72.Bc,318,  merus Ac, cu-

bum anmerins
B metistur 5 & latus wains () metietwr  latis
alterins (B): Et fi latws A untus cubi Ac latus B
alterins Be metiatur 3 & cdbws A cubum B
metictur. . s
3. Hyp. Nom Ac, AqB, ABq, Bc *funt &2 2. & 1.8,
ergd Ac, * metiens extremum Bc, © etiam fe- 2 ”)!&- ]
cundumn AqB mesicrur, arqui Ac, AqB 1 A, B, 7%
@ ergd etiam A metictur B. Q. E. D. d 20.def. 7.
2. Hyp. A metitur B; ¢ ergd Ac metitur AgB,
isque A%l, & hic Bcj cergd Acmerietur,Be, ¢ 11, 4x.7.
Q. E. D..

Pror. XVIL
A, 4 B, Si quad; atay numerus Ag
Ag,16. Bq,8x. guadvatum nwmerurs Bq nsn
. metiatury neqs Adaths uiin

alterius latus B meticturs & f§ A latus wnius qua-
. drati Aq non metiatur B lasus alterius BY 5 neqs
quadratis- A.q quadratum B metsetir.
© 1. Hyp. Nan fiaffirmes A metiri B, 2 etiam
Aqiplum Bq metietar, contra hyp. a 14. &,

2. Hyp. Vis Aqmetiri Bq ; > ergd A iplum
B metietur, contra Hyp.

Q Pror,
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Pxor. XVII
A,z B,;, . Sttqbnsmmm Ac cue
Ac, ,;.7. bam numevim B nom” wnctiz-

w, neque A lajus umiin, 1
B alterius metietur, Et f§ latus A unius cubi M
latus B alterins Bc non mmr, meque m Ac
cubm‘Bc mesibter.
2158 - Dit K metm Ry erga Acmcnctur
Bc conml Hypoth, -
- 3. Hyp. Di¢ Ac meunlc; 'ergo A ipfam B
 meierur. conea Hypi

l’fbr. X vnn EE

GC,6. D, z." :, g DM Smditim pla- '

CD, 12, : b merteroram CD,

E,o. F1. DE, 18, EI’ weus Mptdivs pros

EF, 7. ., rmml'n ‘off nwmens

’ e 3 Blaaus: Cb

ad plamm EF duplxmbabetl«tem C-dum
bowologum E vatiowens.

* andef.y, Quoniam * exhyp. C.D1: E. Fj permue

217 7. tandoerit C.E ;: F atqui C.E * :: CD,

bi.s. DE;*&D.F:: DE.EF.,etgc‘:CD. DE::
DE.EE. Q.E.D.

cio. def. 5, ¢ Ergoratio CDad EF duplicata eft rarionis
%2 ad DE; hoc eft rationis C;d E, vlD
a _

2 T

}‘) W - comm N ) 12 2R -t

Hinc perfpicuum eft, ‘intes ducs fimiles pla=
nos cadere unum medium pmpuxhomlem, in
wrione latttum bomologorum, ...

K

PROP'
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PRk, XIxi - ‘
FDE;hgé.,gFﬁ;"_é’;ﬁf FGE, 120, EGH; 240°
U CD6. DE, 120 FG, 24, :

* c.':’é' D,;- E: 5:,\‘:)_;* .. Gs .6.! H: !vo'

“* Pumamfmilium (0lidorum CDE, FGH, dus

medsi propertianales funt mumeri DEE; EGE. &t

(olidus CDB, ad. folidum ¥GH teiplicatam ratio-

28 babet lateris hemologi C. ad. latus bomologiom B.

. Quaniam ex* hyp.: CeD izt B, G; & D. * 11, sef. 74
E :: G. Hjerit *permutando C. F :: . G*:f a 13.7.

E, H.atqui CD. DE*:: Q, F; & DF, FG®:: b 17. 7.
D. G. <qusre CD: DE.2 DF. FG:: E. H, € 11. 5.
‘ergd CDE DFB:: DFB. FGE:: E,H 2 d 17, 7.
¥FGE. FGH, egd inter CDE. FGH cadunt

!uo medii proportionales, DFE,FGE. Q. E.D. ¢ 10, def. 5. -

liquet ':lgitl,\\r vationem CDE ad FGH wipli-
1

atam_cfie rationjs CDE ad DFE, vel Cad F.
2 Ee Do o ‘.

U Gl | o
Hinc, inter duds fimiles folidos cadant duo
cdii propottionales , in ratione laterum ho-
ologorum. - N ‘ °

; . Prer. XX,

12. C; 18, B,17, Sk .inter  duss nu=
2., E,3. F,6. G, 9. mevos Ay B, unss me-
. dins propoitionalis ca-

nirmevus C, ffmiles plani erunt illi numeii, A,B.

Accipe I, & E minimos intationc A ad 4 35, o,
re{ € ad B, bergd D weque metitur Ay acE b 21 7.
n C; puta pereundem F, ¥ item 1D 2qué me- .
- & ac E ipfum B, puta per eundem G.cer- ¢ o, ar. 7.
>F = A, & EG=B. dquarc A, & Bplani d 16.df 7.
nusneric. Quia veio EF ¢ =C <= DG, .
i>. E ::F. G, & viciiim D.F2: €. G. ¢ ». 7. =
. plani numeri A, & Bctiam Gmiles (vne. £ 2147
L. ;
: Q- Prop.
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EUCLIDIS Ehmentorun

. -~ Pro#, XXI. e
A, 16. C,24. D, 36 l, s - Fi- imey
E, 4. F,4. dros  mume-
H,2. P,z.M,4 K,g i,; N, 6. 'faJA B duo

a2 8

b 20. 8.°

c 21. def. 7,
d cor.18. 8.
EETRE N

fo9 ary.
g 17. defi7.

kg9,

' ;\7ﬂs
ortr,

m 21 d<f7

a 20.8.
b iyp.

a 21, 8,
b_i'\p,

g
foll:males cadant mumcii ) D ﬁmles folidi Jm
1lli anmeiiy A, B,

*Sume E, F G minimos < in ratione A ad
C. b ergo E & G lunt aumeri plani Gariles,
hujus latera fint H&P;illiusK,& L: ¢ ergo H
K:P.L:dE F. Aqui g, F, Giplos A, C
Dezqué mietiuntur 3 puta per cundem M; i
démque iplos, C, D; B &qué metiuntur, pura
per eundem N.* g0 A==EM=HDPM 1 &
B =GN = KLN; ¢ quare A & B folidi funt
numeri. Quoniamverd C f =FM; & D7
FN, erit M. N h:: EM. FN“ CDl E.
F:: H K:P. L= crgo A, & B funt numeri
folidi fimilcs. Q.E.D.~

Pror. X X1t

A4 B,6 C,9. Si tres mumers A, B,
C deinceps fint piogiti-
onales, primus antew A fi rqndmm, & tetis C

_quadyatus erit.

Inter A, & Gcadit medivs propcmonm s,

sergd A, & C funt fimiles planis quate * ciim A

quadrntus £it, erit C etiam quadratus, Q. E. D,
Pror. XXIIL

A,8.8,18.C,18.D,27. i quanar v

Ay, B, C,D deix-
ceps fint praortionaless Diinips awicm A it cutis,
& quaries D cubus civt.

Nan A,.& D * fimiles folidi funt; erzo:

bcim A cubus fit, erit D cubus. QE D.

Pro>.
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A,16. 24. B,36. . Si duonwmeri ABi2- -

C, 4. £ D & . tionews« pabeant inter [e,.

qun quadralis amtins

ad gusdvatuin gumernm D , primus autem A fit
quadvatus; & [ecundus B quadr.ztm erif.

Inter €, & D numeros quadrates, ¥ adeoquc

s 8.

iater A, & B eandem rationem habentes * cadita 11 8.
unus medms proportionalis. Ergé b cim A Db Iy
quadratus ﬁz, < etiam B quadruus ait, Q E.D.c 22. &

. CMJ

Liquet cx hxr proportionem cujulvis numeri
quadrati ad qucmhbgt nomtquadratuum, exhiber
‘nulle modo paflein. dicbus nameris quad;aus
unde moa it , QQ L 2, nec 5,5 Q.
Q'&Co ’ . ;

: I’; or. XXV.
C 64. 96. |44. D, 216, - i dus puweri
A, 6. 1o 18 B 27. - K, Brationews inter
PR ﬁ -b.ﬁ’w qum
icuBm UL C ad cubum numerwm D, privius au-
tem A fit cubus, & [ecundus B cubus erit.

.+ *Inter C, & Dcubos, badedque inter A & 2 12. 8.

B candem rationem habemes cadunt duo me-

b 8. 8.

dii proporsiogales. ergo ymp;cr A ‘cubum, < b’SP

: demm B cubus cm. QB D. :

T " Qe

« Patet etiam ex his proportionem cujufvis nu-
meci cubi ad quemliber numerum non cubum
non pofle reperiri in ducbus nameris cubis.

A R

Q ;' Prop.,

»
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EUCLIDIS Elemintorum
Proéy; XXVL
» 30, C;30. B4y, . Smlaplwumm
D4 E, 6. F,g. “ A, B rationers inter [¢
bafmt, gram quadrain
mermadqudrltlumm
Inter A, & B * cadit unus medius propomo-
nalis C, » nactmD Bﬁ,FdnmbW:“mr
tiome A a Bmcu& erunts
atqui ex’ mquali A.B-ce2. D, B. @rw A. B
QQ, Q8. D. ;
. P3OE. XXVLI
A, xG 0,34.. D,36.°B, ¢4 Similes :foli=
z, L Ins (3,28, H:y. d smri A,
B, ratissem ha-
benz iner fe, -m s numeres ad cubums mume-

2 Intcr A, & B<adunt duo medii proportie-

" nales,pua C & D ; bfumelmuorn F,G,H

minimos - in muione Aad C "F.mem:h,

¢ 14 7. » Heubi font. At A B *: E.H 2 C.C.

Vide tlcmm.

LCEL D e st :
Q ° i ERC I N EE -
: v Sthela.
1. Bxhxsmf(:erthr mxlllos numero: habentes
roportionem fuperparticularem , vel fuperbi-
gamcmem,vcl tduplam, ant xli:ﬁ: uatctnque
multiplam non duominatm 4 numero qua-
drato effe fimiles planos,
s, Necduoquivis pnmi numeri, neque dito

lcunqne inter f¢ primi, qui quadraci non ﬁnt,
les <fle poﬁ'nm. . /

P c A

! Pt d L
Poos el ROt L e Yy
PSS UIEALE *357 ¥ },vi.kf' RCTRRY A Lf‘I B&

P
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LIB, IR |

A3 RN "«‘\\&3 \\\\\ I > .

¥ TrOMET AR 11"'.?" I' DU B . ¥
A8, B, %4

Aq, 36. 108 AB',}!L

D1 dne {iuluplmmn A B
Y mulisplicanses- (@ mutud facmt
@ quendam A% , ptdmfhu "AB qua-
) draxs evit, .
,, Nam A.B *: Ag. ‘ABjciiny a 17 74
igitur inter A, & BPcadatunus b 18 8.
medius proportionglis , < etiam, inger Ag, & £B ¢ 8 8.
cgdet upys med. ropprt ergd cum primus Aq
fic quadmtus:, etiam tcmus AB quadrat\.s d 228
erie, Q. B D- |
Vel fic, Sint ab, cd ﬁmxlcs‘rlam, nemp:a b
- 'ergdad..bc,quarcabc ;veladch::adad‘* '9 7
'::Q ad. -, ax 7
Wy, Pe, 1: R 5 -
i 4o numen A,B
A,é6. Bsqg ) multiplicantes facz-
Aq, 36. AB, 3:.4. ant AB quairaum, {'rmlcs

Plan exunt, A, B..
Nam Aq B 1 ABj quarn ciim jpter Aqg, 2 up.
AR beadas v wus m:gus progor:xomhs , cetiam ® ! 88'

unus intex A, & B medius cader.d ergod A, & B 4 8
funt Gmiles ;lmi QE.D., rg A’ e
‘ R CCI 0 A ;“_'-'

A 3. Ac,8, Acc, 4.  Si culu;: wanie s Ac
Jidsfumn mwlsipli cans pio-
creet al;qmn Acc, pndufha ACC eubus exit. -

A

Nam 1. A% :: ALAqP i A Ac.ergd inter 1,& 2 15.dcf 5

Ac cadunt duo medii proportionales.Sed 1,Ac:: b 17. 7.
Ac Acc, cesgd inter A<, Acc éadunt etinm dém ¢ 8 3.
medil
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da3, 8,

’17. 7,
b 12. 8,
c 8.8

d13. 8.

a17. 7.
b 128,
8. 8

d a3, 8,

L )
“--"
-.

ef7

-

EVCLIDIS ¥lemintorum
edii p a!é. Pra ndt c“ -
Lnu:,dl cr:&o;g % o Af ﬁ‘ cu
Vel fic; ase ( Hudub ﬁc't‘mzaa.
(Acc), bric cubug ¢, gujus laruy ae. .

b . Prér. IV.S .

Ac,8. Be, 7. . ~—€naﬁmm Ac
Acc, 64. Aclc, 316, enbus s B -
W 3 flat Wﬁ
Ach,falu Acudlm o el

Nam Ac. Be * :: Acc: heche. Jafimeer Ac,
& Bc » cadunt &uomdu preyorciousdes; < crzéd
inter Acc, & AcBc tondm esdune, -itdjue Am
Acc fir cubus, derit A¢Be ctiamrcubus; Q. E.D.

Vd fc. Ach...aubbb(ihh&):C zb

Ploh, Vx [P

Ac,8. B,27. sk OM Mmu Ac
Acc, 64. AcB, 216,  mumieram quéndi Bowl-
© tiplicans s fucist ubtm

AcB; & maltiplicatus B cubua-evir, & -
Nam Acc, AcB?:; Ac, B. Sed flater”. Acc 4 &

'AB b cadunt duo medii propattianales. ¢ ergd’

totidem cadent inter Ac, & B. quare cim Ac cu-

-bus fit, 4ctumlcubusem Q.E.D,

Proe, V1o
A, 8.Aq, 64 Ac, 912, Si merns A fes
Spfm witiplicens fas
ciat Aq cubum; ripfe A cxbme evit.
Nam quia Aq 2 cabus, & AqA (Ac)bcu.
bus, < erit A cubus. Q. E.D.

Puor.. Vil
A,6. B 11, AB, 66, i compelitus summern
D;3. B, 3. A ywwerum quempian B

muitiplissss  quempian
fuiat’ ABY, faffns AB fuidns erit.
Quonizm




<

ol IX - "~ 7

Quoniam AvcoMm_s,p&,j mejitur eum a 213 o
PP " . o1 IO — . 9. A1 ",
1iquis D, puta per . ergp A= DE 3 tquare & T o

DEB = AB folidys ¢8. Q. E. D,
" " Prop, VIIL ,
3.3,7.8%,0.23%27.84,81.a5,243.3%,729.

8 ab nmisate quotcungue numesi deinceps propor--
tionstes fusvint=( 143,22, a4, 8c, ): revidvs

© quidem b umitate % quidvatus ofl; & wmkmintev-

- vertius a 4 etiam quadratus, paritérq; a 6.a 8, &c,
Tremguia 1.a% ;a2 2% criv a3b—madinam 4.5 g

" sattcites omaes (a4, 8,28, &e.) s quartus an'tin

2 3 ¢ft cubns, < duosintermittentes omnes (28,3 %,
&) feptimns vord a S cubus fimud & quadiatis,
~ginyy inermittentes omnes (2 v 288, &) T -
Nam1. e>= Q. 2. & a4g=ama= Q. &
& a ¢ = aaaaaa == Q. a3, &e. oo ‘
2. a3—an=Ca & as=aanan=.C. -
-#a. & azaaasaaa = C. 223, &c, ‘
3. & ¢."assazr = C. 2a == Q.ama, €1z, &<, a hup:

Vel jux:a Eunclidem; quia 1, a¥ 1 2. a2, Yerit i’ 2 87‘
2229,

ar==QQ:a, ergocama’, a3, a4fine - cerit

“€: 8. dergd quartus ab a 3, nempe a6, etjam cu- -
“bus erit, &c. erzd 2 ¢ cubus firul & quadratus
Lexiftit, &c. .
Pror, 1X.
1.2,4.2%16, a3, 64. a4 146, &c..
1.3,8.32 64.33 513.24 4096,

_ Si ab wnitate queicuigue woncri deinceps pro-
portiondles fucrine (1,3,2%, a3, &) 5 qui voro
(a) wlmnitatem (it guadratus , & veliqus emnes,
Ay, a%, a4, &, quadrai erunt. Atfia, quireft
wn'acem fit cubus, & roliqi amnes 32,3 %, 2 4.&:..
Lubioewat, . o .
T Ep. Namaz, 24,23 &c. quadrati fure
ex pric. rem quia g po titur quadretus,. * erit
Jsertlusa? quadiajus, parktérque 35,2 7, Steaeryo.
emacgy . QS % Hyp..
. -~

a 22

-
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b 23. 8,
€ 2. 7,
d 3. 9.

. €338

n,‘b'..

E U CLIDISNBlensentornm
2. Hyp. acubub goniep ¥¥rgd av, 27,319
cpbi funte arqui ex praeed. 8, 34,4 97 Ke.cubi
funt, denjgac quia 1.2 :22,98 ©, erita> = Q;
;. Cliel;*uﬁau:;m in ft ¢faci: cubum; ergé a s cu-
us eft, & ¢ prpinds abco uriys e # pasitésg;
a 8 am, &c, cybi (ugr. ergdomnese, Qu B B
Clarius forfuan fic;, Si quadrati.a lazus b, ece
Ez‘: feriesa, 23,2 3,2 4, &c.aliter exprimeruc fic,
b, b4, be, b, &c.?lfq_utt verd hos omnes qua-
drgzos efle; & fic etiam exprimi pelle; Q: b, Q:
bb, Q: bbb, Q:bbbly,&¢.. -
Eodem modo, i b latus fuerit cubi 2. feries
itd nominari pat :,%’qli‘.‘,b s, b, & vl
C:b,C:b2,C: b3 Ctbey &y -
Prod, X, <, 7
3,3,2%352425,29,  Si ob mate quot-
3,3,4,8,16, 30,64, oxpque muineri dfinceps
. S propeitienales fucviat (3,
3,2%,2%, &c.); qui verd pof awitaien 2 ) ook
fit quadratus, meqne alins wKus guadraios cii’ . trm=
ser atertium ab unitate , & unnm intersiteenics
omnes (24,2928, &c.s At fi 2, qui poft msitas
e non fit cubis, megue wllus aBus cubus erit pre-
ter a3 quartum ab unitate, & duts inteyypittenies
amnes,as, a9, an, &t,
2. Hype Nam 6 fieri poteft, fita 5quadratus
nunterus, quoniam igitur a.a% *:atas, atg;

:f,,”,ﬁ & inversd as,a#:;as gysintqueas, & 3 44 qua-
'y

‘14.‘-

d 14. 7.

e 5. &

dsati, priméisque. a »quadratus., crit a eviam
quadratus, contra Hyp. o

z. Hyp, Sifieri poteft, fita 4cubus.. quoni-
am jgiturdex zquoa+. ad:r a,a ¥, arque in-
versc 2 S,a4::adiaj bsintquead, & a #cudi,
& primus a 3 cybus, ¢ ctiam a cubus erit, cons
tr3 Hypath, '

Prop,



BNISRRY 72 30 o S U 7R
gt s GorPRARENK Bt - - e .

P R R DL R LA 1 AR I
1'3)37 9:"17': #; ‘34;{ Fo) At ghoi-

VIR AN il r'\ EIN % mtmeﬁ
d:zhwprpmpm»mfuemf Tt} 93%‘ a3, & )
mIiney magim mmw tér qudepb }mm, Qm in
,)J(wr“mm; ﬁlﬂtﬁmm s 11k,

Y ; aad 4 5. ax. 7.
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'+ Hjite, 8 ninstrusqui meticdr alxqucm ex pro-
ortionalibus’; hon it unus proportionalium,
}n hidieras: i qucmwrmtm 5 erit ahquxs ex
&pm:onéhb»ﬂ.“ 2

PR wo £ L
~wip L e BROP,. XII .
¥, r 2%, 37,04 -Siah ynitate quotcunqy
x,6, 36 2.16 2296, numeyi deinceps propertic—
B3 nales fuerint (x, 3,2 %
S Ak ah) ;5 qunque pnv
marum mf'mroru}h B ultimiona 4 mictiuntur, idem
(B)& enm (2) qui wnitaid preximis eftmetientus ..
~ DicBnonmeriria, * ergo Bad a primuseft; , 5, ..
Bergd Bada» pnmus eft; &eproinde ada 4y b 27. 7.
quen metiri ponitur Q_E A. e,

- lel

1. !taq, omnis numerus primus ulnmum mes-
tiens , metitar quog; omnes alios ultimum proc-
gedentesy ' - . Sk



-

-

- ———— it A e e SRS Y

p L] EUVCLIDIS: Elememeorum
2, Sialiquis numesus non meriens proximum
unitati, metiatur wiimpm | erit numerus come
pofitus. : o
3. S preximusunitati fit primes nurmerus,
aullug alins prisas rumerus uitimum mevietis
Prear. X1JZ%
L4 & & a4 Si ab writate
X, g, 35, Jif, 63N  gwotcunquc .ume i
M- G-- F-- B deimeps prosrivio-
wales fusim ( a,
@, 83, &), g verd poft umitatem ((z) primsus
13 maximwm swlius wias metictur , prarer exs oii
. [unt in mumeris propeviionalivus. :
‘ _Si fieri poteft, alims quifpiam E me:lacur o8,
2 mr. 1.9 Dempe per Fs derit F oglius extra 4, 2, 4%
3 cor23.9; Quia verd B metions o+ non meetitur a, © ¢rit
¢ 33.7  E numetus compofituy; ¢ ergd eum aliquis piie
& b1, a7, mnsmetitur , 4qui proinde iplum % meritur;
€ 3 oor.12.9. ¢ideSque alius pon eft, quim 4, ergd ¢ meri-
: “tur E. Bodem modo aftendetnr F compokys
numerus, metiehs a4, adeoque & ipfum F meriri.
fo.ax.n Mquc quum B F f—ptz2ninat, borit & E o3 K.
5 19.7. &t ‘ergd cm & metiatur E, R zqué B medierur
20, def. 74 . .
X or,1i9, 4% puta pereundom G. 2 Nee Gerit 4, vel 22,
, ergd, ut pritis, G eft numerus compofitus, & a
cum metityr, quum igitut FGfrmal = p'in g,
terit a. F :: G, a% & proinde, quia & metirur
B, 2qué G.metictur % feilicer per eundem
kqui non eft 4. ergd quum GH *=ar = 44,

‘Lo berit Hog: 4. G ergd quiz @ metitur G- (ut

m 2a defye PriS ) s n\;:iam H. etietor 4, numerum prie
wum.. Q. F. ‘
Sic Buclides fatis prolixé ; brevitis fie; Nam-

® 3conarg, Guide primus ¢ft numerus =nullus alius primus

witimum «4 metigtur 3 proine nec compofuus;
¥ 33.~ 7 Quia omnem compofitum.aliquis primus me-
& L. a7y tir., erzo, &e.. T

" PRa

—_—— .



Co Liber IX.. s 185
o Prer XIV. .
A, 300 S minimum mumerum A
B,: C,3. D,g. prii aumeri B,-C, D me-
Boee Foon o Nautnis gullus ol ¢ imeris
. ..  Brimxs E illum metictn, wa-
ey 005, qii & primeipie mesiebantui. _
. A : -
S fieri gmgﬁ,ﬁc = F. 2 BPrgd A==EF. 39, .
b Ergd fingufi primi numeri B,C, D ipforum 4,
E, F unum metiuntur; non E,qui primus po-
nitur; crgd F, minorem filicet ipfo Aj contra
Hyporth. ‘ <

o . Pror. XV,
B0 By C,16. - Sigvesnmumen K,B,C
D,3. E, 4 dcincops proportisnales, fu-
. . EUINE BN amnium ean-
dem cun ipfis vationem habentinm s, dua quilibee
coimpafits, ad veliquum prisni crunt...

* Snme, D, & £ minimos.in ratione A ad B. 5 3v. w,
bergo A=Dq;? & C=Eq;* & B=DE.Quia b 2. &
vero D ad B ¢ primus eft,d erit D+ E primus ad € 34 7
fingulos D, & E. ¥ ergd Din D+E e=Dq—+ ,32: 7
PDE(fA+B) ad E primus eft, ideGque ad C ¢ 3, Z'
vel Eq Q. B, D. Pari palto DR Bq(B+C) £ prifs,
ad D prinwus oft, & proindead A=Dq. Q.E.D. g 37.7-
Denique quia B ad DB b primus eff; isad h 26. 7.
", hujus quadrawm ¥ Dq 42 DE + EqQ (A 2Kk 4.2

B € )prinaws erity'quare idens B ad A4B+C; 1 30. 7
}adedque ad A+C primuserit. Q. B. D,
In hac demonflratione nonnulla in numeris.
aflumpfimus, quz in fecundo libro de lineis de-
- monftrata [uat; id quod breviratis ftudio feci=
mus, cum alioqui eadem in numeris demon=
fiaca hicbeas apad Clavium, &, '

R Znod..
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a 237
b ax. 7.
¢ €. 8.7,

2 23.7.
b 7.
c 30.d¢f.7.
d 1.8x.7,

9. & 7.

a .
b porao7

€ 7457

EYCLIDIS Eementorum

. DPaor, BV
A,3. B,5. C--c  Sidsowumeri A, B pri~
AR i inder (¢ fueviery non evit
#t primus A ad fecundwm B 5 itd [ebwndus B ad
winm quempiem C. ¢ . var oY

R L
Dic A.B::8.C. crgd quum A, &k Binfua
A

rarione * minimi fint, AP sctierur B 2queé 2c 3
ipfum C3 fed A ¢ feiplum ctism metitar; ergn;
A, & B non funt priini intes fe, contra Hypoti,

Pror. XVIF.
A,8. B,11. C,18. D, 27, E- -~
Si fuerint quotemepie mumrs deinceps propersio-
ndes A, B, C, Dy stremi mutem ipforum A, D
primi inter f¢ (imt; won cvit e primad A a&d fecuan
dum B, ita wltimus D ad alivm am 8.
DicA.B:: D.B. etgd vicifiim A.D :: B.E.
ergd quum A, & D in (ua ratione d minimi npe,
b metietur A ipfum By <quare B ipfum C, & C
fejuentem: D 4 adedqae A eundem D mecicrar.
Ergo A, 8 1) gon (owprimi inter (&, contea
Hypotb. - .3 T RO e
R Pno!’-‘XVIiL -
Ayq. B, 6. C,9.° Duobis yemtVis datis-A By
Bg, 16, confidesave an poffit ipfis toriius
- ortionatis C inveniri.
Si A metiatur. Bq per aliquem.C, * ¢rix AC,
=Bq. undebliquctelle A. B2 B.C. QL E.F.
6. 6. Sin A non metiatur Bq,non erit
A6-B,ABY! aliquis tertlus 'propor‘:’ionalis :
Nam dic A.B:: B.C. ’ergd AC=Bq. *projnde
Ba__C. Scilicer A metitur Bq, contra Hypoth,
AT )

»

Prop,
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Prek XIX.
AL B C,18, Dy2z.  Tribur mumes
PUESIROS © % T7 AR vis datis A,B,C,
cad W e confidbndre am
poffit ipfis quarims proportiendlis D invenini. < *+ +
-~ §i A" metisrar BC per -aliqgiem' D 2 ergd 2 9. ax. 7
ABS:;C; S eonfim igirurefle A.B:: C, 5;b X 19. 7%
B Fe - S
in A kot metistwr BC, non datin¥ quartus
preportionalis, quod oftendetur, prout in pre-
cedenti, ‘ o :

. _1?10’- X X._
B « & Prind sabmevi plures funt
A, 2 By3. €, 9. .omb propofitd  maltitudi-
D, 38 Grmewn %8 prinersm .mameiorwm
' B ’ A, B, CQ" o : '

2 Sit D minimsus, queny A, By C meriuntur,a 38.7.
£i D1 primus fit, res patet x B compofitus, :
bergo alixxis -primus; puta- G, metiter D1, b 33. 7
qui non cit aliquistrium. A, B, €3 nam fi itd,
quum is ¢ totnm D 1,& 4 ablatum D metiatur, € fuppofs
¢ idem reliquam unitatem metierur. Q. E. A, 9 ‘:ﬁ' .~
Ergd propofitoram primorum numerorum mul=© ** ** 7

tirudo autta cft per Dv1;vel faltem per G,

"0 7. pror. XXIL

S f s 3 3 2o ¢

" Aw BALBLF.L.CuGiD 20

Si pares numeri quotcunque AB, BC, CD com-
ponantur to ds AD par ent. I

! Sume EB=} AB,& FC=}BC;& GD=} 1 & def. 7.,
CD. *liquet EB+FC+GD=} AD, cergo ; :“de w -
AD c# par numerus.. Q.E. D. : e

- N Dron.
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a8+

EvcLIpt {‘al;'lf:#euhim:
Paer. XXIL

- ’ 03 ) SR
Auna.uF.B-’-uu.G-C.n-H.DnL.E.22;

avy. def. 7.
b 21. 9,

< byp.

d 21, 9

a 22, 9.
b2t 3.

/c 7. def. 7.

. ? .8 3

$i inpares momeri quatcuugue AB,BC,CD.DR
compandiil i, wMiitudd autem ipfsrim [i par, tolus
AE pareriz. v

Detraa unitate ex Gngulis imparibus, * ma-
nchbant AF, BG,CH, DL numai pares, &
® proinde compofitus ex ipfis par eriv; adde his
< parem numerum conflatem ex refiduis unitaii~
bus, 4totus idcired AE par . QE.D.

Pror. XXIIL

” g 1 Siszeares e
A Buw CuB.D 150 mevi guorconque
3 AB, EC, CD

(O nant ity iz -
titndp auterm ipforim fit impars & totus AD Lmpzy
erit. ‘

Nam dempto CD uno imparium,reliquorum
aggregatus AC *eft par numerus.  huic adde
CD—1; brotus AR eft eriam par; quare retj-
tutd unicate totus AD ¢ imparerit. Q. E.D.

Tror. XXI1V.
4 ¢ 1 Si & pari mumeio AC
AwiBi.DiC 1o par AB detrabatur, on
'é reiquus BC par erit.
S Nim A BD (BEC
1)impar fuerit,lerit BC(BD +1)par. Q. E. J).
Sin BDrparem dicas, propter AL ® parem < evit

tra Hypoth. «rgo BC

_AD par; 2idedque AC '&AILH ) imprr,con-
€ .

par.. Q. E.D,

s

BT I L I © Prop:
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Plor. XIV. ’
v Siad mmmmA
A D C B e lmpc {C detmkalx?
R cﬁgtm CB mpar

szAC.._:(AD)-zﬂ 6DBa7dcf7.
eft par. tergd CB (Dl—)) dhmpar. E.D, b

.’ Pno?.*!!VL '
. 85 b impavi mmend
A.. C «D. l u, AB mpmm%B detrae
7 batis 3 reliquus AG

&xite

Nam A2Z: {AD) & CB—1 (CD)
funt parcs. ergd AD_-CD (AC) eft par ay. drf-,\

LE b 34.2.
pmp XXVIL ’
L " Siab impari momers "
. D C wane B 11, AB pasdetiabaiur Chy
5o reliquus AC impar exit.
Tt 7 Nam AB—1 (DBY

par; & Cl onjtur par, Sergod rclxquus 2 7.def. 7.
D Pf)r eft, °crg CD—M (CA)eR impar, b ;44:”

'-‘*PROP. XXVIIL.
3. © 8iimpay numecns A pavems mume-
4. rum B muliiplicans fecerit aliguem
;T’;‘, " BB, failws AB par erit.
“Nam ABa componitur €x im~ a by &
A fO’ICSOCCCPto, quoties unites comtinetur 15.4¢f. 7.
»parx. b ergd AB <ft par pumerus, | b oo,

&chol. .
odem modo, fi A £t oumerus par, &rit AB

R3 PRoP.

c7kf7. -
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Pros. XHEX.
As3. - Siimpar numeris Aimpgrem pus
'2.&.’* . merum-B mdnplum,}‘ecem aliguer
. \15 ity ABy1y. . AB; falTyr AB impav erit. 5

mAB‘compommrexme»

.- .. parl numero toties aceepeo, quoties unitas inclu-
b3 ditarin Actuqufmo dego ABCﬁ hp}r.
N Q.BOD' T & ot Ly e .8

T St A
4

2,12 (Ca. _ 1. Nemaws A ioper momerun
fkTi C .. B paremmesiensypex smernp pa-

rem C emm mptiur, oy

2 9.7, & C impar dicatpr, quoniam * B,...A,C,

b aidth ént un,yar, contra Hypoth.

- l:_ 18 -(Css. 3. Numerws A impar munic-
IRy - 1iin B imparem metiens, per mu-
mevum C impavem eum metitur,

338, - Namfi Cdrcaturplr,‘dlt AC, vel B par, |

centra Hypoth, -

< "..e

3_,_1_;4 (c,,, gOmumm(A;é'C
A3, miﬁa‘mmumn

- impar. :
a1y, . Nmm ﬁ utervis A, vel € diaatar: pa‘““tﬁl‘ ]

B numerus par,conm Hypoth. _

| " Pror. XXX, ..

B (C8. . Ry n..
( 3 " 23- A ( 4

A’S
abp Si impar mumarit A plrem sumerun B. metu-
:) 5. Schols mr,@umdimdemum ©o-
9
5’9 g 'Sh 2.=C. bergd € et mumerus par,
e 2,

¢ by. Sit lgm!r B=iC, alt MAHEAwnDr

;

Cthey teg M:D«&wwnﬁa 28 Gih

- Propr.

]



Pror. XXX .
A g B8 C16.D--- S imper mumeS
SR . s A A aliquem nx-

mevim. B prims fits &, ad it splym C primis

erit.

Si ficri poteft, aligquls D metierur A, & C;
*ergd Q’f::m ' A inpey u‘it,,'ﬂe-’ 4’3, febol.
éque ipfum B peris ‘C femiflem metietur, ergd 29- 9-

A, & B noa funt primi intet fe, contra H :
: woa o Gorell, o ,3
"Sequitur hine, numerum imparem qui od ali-- :
quem nunemd’ progreflionis duple primus eft, I
primum quoque ¢ff 2d gmnes nunicros illing
progreflionis. _
 Pror. XXXIL

1. A,a B,g C,8, D,16. = Numerorsm

‘. ’ ' : -,-AsB’C,D:&C- .
2 binaria duplorum wnafquifque pariser par eft tan-
tim.

Conftat omnes 1, 4, B, C,D 2pares &fle; 2 6. dcf o,
atque b =% nimirum in ratione dupla, & ©pro- b z0.4ef. 7,
inde quemque minorem metiri majorem per afj. € 11.9.
quem ex illis. ¢ Omnes igitur funt pariter pa- 4 5.def. 7.
res. Sed quoniam A primus cft, ¢ nullus exera € 13.5
cos corum aliquem metlecur. Krgd pariver pages
fant tantims QE. D, .

~ Pror. XXXIIL. ,
A,30. B, 15, . Simwerss A dimidiam B.
D-a- E-~  babeatimparem A paricer im-,

, - tareft tamsm. , )

Quoniam impar. numtas B '_mttkut, Aperz : l'ﬂ:l r7 ‘
- pacem, b eft B pariter impars Dic etiam pariter 3 247
d
<

/

9.def 7
. s T ; 8. def. 7
parem, € ergd eum par aliquis Dpeyparem E g g 'gr 7. -
mecitdr, unde 3 B 4= DE. vdutre 2. ¢ 15,7,

R s B
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fé.def. 7.
zio-efﬁ

e

& 7.def. 7.

EU CLEDIS Elemenorum
E :: D, B. ergd ut 2 f metitur parem E,sfic B

7* par imparem B mecivhr, Q. PN,

-

Prop. XXXIV.

A, 24, Shpawr wumerns A, noque & binarie
duplus fis, neque dimidism babeat i impa=

vew; pawitey par 0 parider inper.

Liqust A eﬂc pacicer pamm, u dimidium-
tem nen haber, Qui A bifarierur,

& nufun}uhmdxmn, l hoc femper hag, tane
dem incidemus in aliquem *imparem, ( quia
non in binarium, quoniem A 2 binario duplus
non penitur ) is mezietur A per parem nuae-

b . fih39.9. rum (mnﬁallas iple Admper C‘ﬁ,ﬁoﬂﬂ’! Hy- |

abp

b 17. 5.

€ 11,5,
d 3.

ax, 1, KN. ‘qﬂ‘lf
€ 8.5

poth, ) ergd A cfk evigm parioes impac. Q.E.D.
_Pror. XXXV.

) 8 .
Bl F Lovee G u.
SCLTLE N TR u..'. ‘8 \,‘-;"‘ R

9 6 Y 8 5 v
D i Houol L...K.'.'.N'ty’."'

" 8i fint quotcunque wimeri deinceps propertionales
-A, BG, é D;IM detrabantur qutem )E-'é a fe-
exndo, & KN ab ultimio mquales i pwm A, crit
‘et fecunds exceffus BE ad privmon A, i3 wliimi
ezceffws DK ad ommes A Bé(\: ipfuim aitedcdentes
Ex DN deme NL==B &NH'-'C
Quoniam DN, C.. I'n“i :: HN. BG.
(LN )a: L'N.(BG A. (KN ) b erit di-
videndo ubique N:HL.LN: LK.
QD!( c_.-w_.-A LK(dBF )
KN. (A.) QE.Dy o
Ccaroll,
Hinc ecompotx.cw:l«, DN.q,lG-a-C A
BG¢C H BG Av

TFrop.



Liber Ix. - 189 .
Prey.. XXXVI.-
1. A,2. B, 4. C,8. D, 16
E;31. G,6z H;riq. L, 248, F, 446,
M, 31, - N, 465,
. Peees Qu-- -

8 db wnisate quetcunqme mumeri 3, A, B,C, D
deinceps exponantur tn dupla [ oportione, quead retus
compalitus E fat primus, & totus bic B in nitimum
D rwultiplicars {acias alquem 5 fabius B evit pec~

eltus. :
Sume totidem, E, G, H,L etizm in propor-
tiene dupla continué ; ergd *exzquo A.D::2 14.7:

E L bergd AL =DR¢=F, detgd L= .1.:.21:;;'.7’

quare E,G,H, L, Ffunt -2 in ratione dupla‘. d 7.ax.70
5it G -E=M&F_BxN.¢ided M.Es:§ %0,
MN.E+G+H. 4L fge M=E.8ergd N= 5 14. 5: '
E+Ga+ H4 L egd F=1 = Buph zoan1,
C+D 4+ Ear G HeT =2 4N,
Quinetiam quia D * metitur DE ( F), letiam k 7. ax.7.
finguli 1, A, B, C ™ metientes P,= nec non E, 1 11- ex.7¢
G, H, L metivntur E. Porré nullus alivs eun- ™ '+ 2
- dem F metitur, Nam fi ali quis, fit P; qui meti-
atur ¥ P“Q, °cr'g6 P Q,= F=DE. °'€fg6 2 9. ax. 7,
L. Q. Po Dh ctgd cum A‘primus nuinerus
meriawr D, & P proinde nallus alius P eundem p 13.9.
metiacur, 9confequenter E non metitur Q, qur- 9 29 def. 7.
ve clum E primus ponatur, *idemad Q primusr 3t. 7,
<rit. fergd Ey & Qin faa ratiope minimi funt, € a3. 7,
& " propterea B ipflum P, ac Q_ipfum D zqué t 21.7.
metiuntur, * ergo Qeftaliquis iplorum A,B,C. u 13.7.
Sit igitur B ergd cliim ex zquo fit B, P :: E.H;
x jdeoque B H== DE=F =PQ, *adedque x 19.7.
Q.B::H.P.verit H =P. ergo P cftetiam ¥ 43
aliquis iplorum A, B,G, &c. contra Hypoth.
ergSnwlbug alips preter pumeros pradiftps eon- o 23, def. 7,
dem F merietur: 2 proinde F eft numerus pesfe-

Cwis, Q. E.D.
BB L1B.



' A B buceft ingg A3 gedum,
D wmmnfurabdts oft lineAB 13 pedums
i D linea snins pedis frngal s p; &
imetma' Itemyf 187k o/ 505 ia
A V‘fn m,/:/s ¢~¢50m:r/w
‘ 9=13 Y
' """.;/z;_.i quth 18 Jgo

‘ “x:- II. Incommenfmhlcs antem

funt, quorym wiMany cbmxhunem menfnram
conuqit ’CPCfiﬂ.» T !

Incommerifurahiliis Fnificatnr it = 7 J 6
T 25 (5) boc eft of Ginsommenfiarabilis eft an~

mero y 3 vel magnitudini bec memeip defi gmm,
qu;c arim nwvlla eff comopunis menfura,ut poica pae
tebi 2,

I1I, ReQxzlinex potentid commenfurabijes

funt, cim quadrata carwm,idem fpaciym me-
situr,” R

Hujufce



. Libg.. X-

wfce commenfisrabilisatis

2 '}tota‘tzf‘g-utﬂ - CPh;
CHEH b, ¢.linea AB [ex peas poten-
1 tid commenfurabilis cf} lines
Ecp, qua cxprimiter. per of

. 20, quafpaivmB peaive pe-
a0l . . . dis quadrati . metitwy tam

Y ABq (36) qrim velSauge-

lamgﬁYi(IO) » i equale eft

S H 4 quadranm Biea CD(4f20)

. " Eaders nota - nommunguan

3 y  valet potentid tantim com~
0 mewfurabiliss

1V. Incommenlurabiles verd potentid, clim
quadratis earum nullum (patium, quod Gt com~
munis corum menfura, contingit reperiri.

. Bwjufiedi incommenfwrabilitas denssatur fic 3
§ “TJ- vaf 88; boc eft mameri el linea 5, & v/ §
funt 1ncommenfErabiles potentid, quia barum qua~
draza 25,6 of 8 funt incommenfirabilia. !

V. Quz cdm {3 fint, manifefum eft cui-
tunque re&x propoficz, reas lineas multirudi-
ne infinitas, & commenfurabiles effe, & incom-
menfurabiles , alias quidem longitudine & po-
tentid, alias verd potentid folim. Vocetur zu-
terepropolita re&a linea Rationalis, ,

Hisrus notaclt po ]

V1. Ethuic comniénfurabiles, five longitu-.
dine 8¢ potentia; five potentid tantim, Rationa-
ies, p. . o

: VPI 1. Huicverd incommenfurabiles Irratie
onales vocentur.

He fic denotantur’e.

VIII. Etquadratum,quod 3 propofita res
A fity dicatur Rationale, gy, o

1 X, Et huic commenfursbilia quidem Ra-
ticnalia pae,
' ~ X. Huic

XY Aw Y

a
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X. Huoic verd incommenfurabilia, Irrationa=
lia dicanrtur; pa.

X 1. Kt rolte, que ipfa poffunt, Imationas

besy . .

Sohl,: .-

) Tt roftrema P
defiaitiones  ex~

: S
ersple dicuw iliu-
fiveatur , it 1=

: culus ALSRD
cugus fomidian:

Al B ter CB; balcin-

[eiibaisnr latera

fguwiainm  o/di~

ari, Hexis

£oi7 quidens BP,

T?'ill' ' P Y

guadrati BD, pentapom FD. Itaque 1002 § dem

fin. femidiameter CB fit Rationalis cxpoiic dy mic: g

2. expreffa, cui reli%ua BP, AP, 8D, FD o

a cor. 15, 4, pand@funt3; erit BP* = BC = 1. quic B 2

$ 625 STO-BC, juxts 6. def. Ttem AP b=y 1

( nam ABq (16 ) — BPq(4) =12 ) quar: AP

et§ T-BC, ctiam juxta 6. def, atque ADg

(12) efivperdefe9. Pad 3D*= o/ DCq

pv. Demque, FDQ =10 o/ 20, (it patchit ex

prazi ad 10. 13, tradendd) eritjr, juxta o def,

& proinde FD = &f 10 =of 30 ¢} p, juxia 13
defin. -

0

3
S * Pofalatum.
POﬁuletm', quamlibct magnitudinem toties
pofic multiplicari,donec quamlibet magni-
tudinem ¢ju(dem generis excedat,

Axiomata.



- Riber X. -~
‘ eAxiomata. _
1L Agnitude quotcunque magnitudines
. metiens, compofitam quoque ex ipfis
metjtur. '

2. Magnitudo ‘quamciinque magnitudinem
metiens, metitur quoque omnem magnitudinem
quam illa metitur. ‘

3. Muagnitudo metiens totam magnitudinem
& ablatam, metitur & reliquam,

Paor. L
: : Dudbus magnitudinibus inequalibue
B E rAB, Cpropo%,- f % majore AB_aufe=
| ratur majus quim dimidium, (AH) &
XGTapen (HB), quod veliquum efty ruifus de-
.\ trabatur magus quam dimidiums ( HI) 5
H FRC bos [emper fiat’y velinguetur tandem
quadam magsiitudo 1B; que minor erit
propofitd minore magnitudine C.
Accipe C'toties, donee cjus multi-
A CPplex DB proximé excedit AB; sintque
DF = FG=GE =IC. Deme ex AB plus-
quam dimidium AH, & 2 reliquo HB plusquam
dimidium HI, & fic deinceps, donec partes AM,
HI, IB xqué multz fint partibus DF, FG,GE.
Jam liquet FR,quz non minor cft quam % DE,
majoren effe, quam HB, qua minor <&, quam
2 AB 3 DE. Paritérque GE quz non minox
eft quim § FE, myjoreft quim IB-3 1 HB, er-
¢d C,vel GE~1B. QE.D.
_ Idem demonftrabitur, lex AB auferatur di-
midium AH, & exreliquo HB surfus dimidium
HI, & ita deinceps. -




i94. EVCLIDIS Elementorum

Pror. I ,
P - 1 b i duabus magnitudinib®s inaqualitus
propafitis (AB, CD) detrabatur fenper
B  miner AB demajore CD, alter»d quii-
?_ 1Y dam detyalTione, @ veliqua miuime pra-

Q cedentem metiatuy 3 incommenfurabiles
erunt ipfie maguitudines.

Si fieri poteft, fit aliqua E commu-
ais menfura. Quoniam igitur-AB de-
trala ex CD, quoties fcri poteft res
linquit aJiquam FP fe minorem, &

A 2 F FD ex AB relinquit GB, & fic dein.
a0 ceps, * tandem relinquetmr aliqua
b by  "GBr3E. erg E* metiens AB <, idedq; CF,
¢ 1 ax. 10, 2 &totam CD; ¢ etiam reliquam FD metietur,
d 3.4x 10. <proinde & AG; 4 ergo & reliquam GB, (cipi

minogem, Q.E. A, N

Pror. III
D1 Duabus magnitudinibus conse/ura-
L Diljbus da’:;f AB, €D, mgmm
- | earun commumem menfuram B re-
qu E“ Fr'.fe'
+F Deme AB exCD, & reliquem
T ED ex AB, & B xED, doncc
-+ 4 F© metiatur BD; (quod tandem £-
a . 10, TG4 % ? quia per Hyp. AB T CD) e~
) T ric BB quafita, b
N ) ) Nam FB ® meticur ED, ¢ ideque
an e, IALC) jphom AF; fed & feiplam, 4c§ga
etiam AB, & ¢ propterea CR, ¢ a-
dedque & toram CD. Proinde FB communis
eft menfuraipfaram AB,.CD. Dic G commu-
nem quog; efle menfuram, hic majorem; ergd G-
metiens AB,& C D ¢ metitur CE, & f reliquam
€24z 10, ED, ¢ idedque AF, & fproinde reliquam FB,
f3.4% 10 majorminoem. Q. E'A, st

b eosfir.

Corell.



Liber . - 198
Hinc, magniesdo metiens duias maghitudi-
Res , metitur & maximam carum menfuram

Semmunecni, ,
Pror. 1V.
A -—
B D

|

Tribus magritadinibus commenfurabilibus dasis
A, B, C; maximam carum menfuram communers
invemre. _

* Inveni D maximam communem menfuram -,
duarum quarumcunque A, B, 2 item B ipfarum = >
D, & C maximam communem menfuram; erit
E quafita,

Nam perfpicuum eft B metiens D, & C* b. conpr. &
metiri tres A, B, C, Puta aliam F bhic majo- 3. axl10.
rem ea{dem metirf, ¢ ergd F metitur Dj ¢ pro- ¢y, 3.10,
inde & E, ipforum D, C maximam commu-
nem menfuram , major minoremv Q.E. A,

[ et -

‘ Corell, - .
Hinc quoque Magnitudo metiens tres magni-
tudines, metitur. quoque maximam ¢arum com-

munem menfuram.
Pro2. V. _
A D.4 Cormenficra-
c B biles magmiwdi-
B S 3 nes AJB imter

Je vationem habest, quim mumerss ad nimerum.

2 Inventi € ipfarum A, B maximi communj 5 3, re,
menfurd ; quoties Cin A, & B, toties 1 conti- .
neatur in numeris D & E.bergd C. A t: 1.D; b 30.4ef. 7,
quarcinverf¢ A C i D, 1. ® atjui etiam C,

T T S a B::
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€ 32,8,

a fih. 10. 6. .
b confir.

< byp.

d 21,8,

€ $.4x.7.

_ £ 20:¥ef7.

confir.

1, def 10,

-

a 6.:0,

LA 5. tae

D A R

‘EvcLIDIS ':sze»;;,.za;-;»;

B::r1, E. cergdcxzquhA B: HH
N N. QE.D. -
Pror. Vi
i E.L S duamis

- 5;' gritudinesA,B
snter fepropor-

tionem halgant, qéam nwmerss C ad nameiwm Dj

cammmfumbtles erunt magnitudines A, B.

Qualis pars eft 1 numeri C, * talis fiat E ip-
ﬁusA Quoniam igitur E. Ab::1, €, atquc
A.Be:: G Dj dex zquoemE.B i1 D,
€rgo quum 1 ¢ metiatur numerum D, ‘ctxam
E metisur B. fed & ipfum A 8 meticur. * ego
A& B. QB.D.

Pror. VII.

Incommenfurabilos
mgmtud;ms A, Biy-
ter fe proporsionems mon babent, quam memevus ad
BHIET U

Dic A. B:: N. N, 2 ergd A"'l.'.l_ B.
contra Hypozh.

" Proer. %II

Si due magnitudines
B—— ‘A, Bimer [e preportie-
s20m non habeants qiam mumeius ad mmmm, it
commenfrabiles eruns mgmtudmer.
puta A Q- B, 'ergo A.B:: N.N,con-

A

B

A.——'———-

tra HyPoth.

Pror.



Pror., 1X. E

4 e Qua i relth lineis longitu~
? - = dine [ommenfirabilivi ‘fiusk
£ 3. guadrata, inter fb propoiticy
nem babmt, quam quadraus
pumerus ad: qnudmtum mumerum: & quadrata irs
ter fe prepoitionem babentia, quam quadvatus muthcs
14s ad quadratun numerum , & latera habebuir
longitudine commenfurabilia.. %a verd a rrélis,
Liness longitudine incommen(urabilibus flnt quadya-
Iz, inter [e proportionem non habenty quam quadras
“tus muwmcrus ad quadratum numerim :, @ quadiata,
intey e proportionem non haben'® , quim quadiitns
numerus ad quadcatim numerum, reqs latcra bulh— .
bune longitudine commenfurabilia,
‘1. Hyp. A. 1. B. Dico Aq. Bq :: QQ_ .
Nam‘ﬁtA B ::num. E. num, F. eOma;cr § 10
} 2
Aq ( ~—b!5)c=—-bxs i= :, Cergd Aq. ffl’;::s 5i-
B Eq. Fq:: .E. D '
-qz. Hyp.- Aq, BQq'QE',q %Daco 1]\;:' -5
tAq 9 pa < 20. 6,
T B Nam g bis. (" 32 )'—rq “Fghr

bis. iergd A B :B. B N*quarcA lLl 8.
- B. QE.,D. A

" 3. Hyp. A TLB. Negeale AQ. Bq::Q Q.

Nam dicAq. B Q. Q Ergd A T-B, ut

modo oftenfum eft, tontra Hypoth,

:-4. Hyp. Non: Aq. Bq::'Q Q. Dico A ‘T

+ B. Nam pura A T Bjergd Aq. Bq: QQ’“‘

modo diximus, contra Hypoth. -

. ~ e Corell)
Linez "0 funt'etiam "TJ-; 3t riod contra.Sed
Haex “T3- non fuat idcirco ‘1} lmcz verd -
Cum etiam T

- &

' S 3 .. Pren.
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' ' Prér. X.
K $1 quetuer magnitudines proportie-
© wales fuerint (C.A::B. D)5 prima
! vers C fecusdm A fuerit commenfu-
{ . vabilis 5 & tertia B quarte D commen-
: forabilss erit, Et f§ prima C fecunda
s A fuerit incommenfurabilic, &~ tertia B
! quaria D incommenfirabilis evit,
CcAED SiCT. Ajidedserit C. A N.
a s . Nh:-:B.D."crgéBTLP.SinC
: ;'":: ‘LA, “_@ ¢nonerit C.Az: N, N :: B, Ds
d 8. 10, !quﬂtl"g. D.p_\ E.D. -
LEMMA 1,
Duios numeros planos invenive , qui proportionti
20n babeant , quam quadvatus nwwerws ad quadra-

. BUM wKImETHm, ) .
Huic Lemmati fatisfacient duo quiiibet nu-

erl plani non fimiles , quales funt numeri ha-
benres proportionem fuperparticularem, vel fu-
perbipartientem, vel duplam, vel etiam duo qui- .
vis numeri primi. vid, Schol. 37. §,

‘LAMMA 2,
D KAGFrWM
HE ﬁR

. Ivvenive linean HIR., ad quom dats rela lines
. KM fit i ratione datarwm uuweverums B, C.
® fb.10-6. "2 Divide KM in partes zquales 2qué multas
b - uwnitatibus numeri B. harum tot, quot unitates
3% funtin numero C, b componant re@am HR,
Mquet cffe, KM. HR. ;: B. C. ‘

. LEMMA 3
Invenire linewm D, ad eujus quadratum date ve-
¥e KM quadratum fit in ratiene datorum numero-
wn 5,0, " Fac

B’ s, C’ ;:



T T e e e e e

: - Liber X. = - o _ 00
. Fac B, C2:: KM, HR, acintert KM, & a 2.lem. 10,
HR P inveni mediam proportionalem D. Erit [

. . . 6.

KMq.D3<:: KM.HR ¢:: B. C, . Ic’ ;g é.
Pror x 1 d confbr.

. - Pror, X1, :

K s ceeeee B.30.  PrOpfita rebine li-

g — CA6" yig Aipvenive dus

reltas lintas iacov~
menficrabiles 5 altevam quidems D longitudin: tai=
tiim , dlteram verd Eeliam potentid.
1, Sume pameros B,C,* itk ut o fit B.C it 2y lom. 1o
Q. Q. ® fidtque B. C:: Aq. Dg. <liquet AT _;0-3 o 1o
D. Sed Aq4 1L Dg. Q E.F, w.

a. ¢Fac A, E = E. D, Dico AQ'TLEq. ¢ 3. 10,
Nim A. D ¢:: Aq. Eq. ergdcim A3 D, g f;' <
ut prids, f erit Ag G- Eq. Q E.F, ¢ 20. 6

f 10.10v
"Pror. XIIL )
e (A, B) eidem maznisudin C )
funt commenfuiabiles , & inter fe funt
commenfurabiles, :
l Quia AL C;& C TLB, 1 ficA * 5 1
C 2N, N:D. E.
D,18.E, 8, °.. wE 048
F,1.G,3. ath.bCf.B #N.N::F
; H,qIq.K,6 7, jumanturires ng

ET meri HLILK minimi 3 € confer.
ABC  inrationibus D ad B, & F ad 6. Jam 4 22- 5.
Quiza A.C¢:D.E¢:H. I acC.B¢:: £, G & ™
e LK deritex zquali A, B H. Ko N,
Neegd A1l B.QE.D.

. Schol.

Hinc, omnis reGa linea rationali linca ;" '6“- &
commenfurabilis , eft quoque § rationalis. Et o 6.
omnes re&z rationales inter & commenfurabi-
les fune, faltem potentid. Item , omne. {patium
rationali {patio commenfurabile, eft quoque ra- ef, g’
tionaie; 8 ommia [patis rationalia.inter fe com-

: S4 menfura--
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. menfarabilia funt. Magnitudines verd, quatum

Jof. 7. & 10, dltera eft ravionalis , altera irrationalis, funtine
o ®r {¢ incomsmen(urabiles, : )

Prep. XIII
A—————  Si{int dua magnitudines As
g B, & altera quidem A cidem
: C fit commenfurabilis , altera
wevs B incommenfisrabiliy incommenfirabiles erunt
magnitudines A, B. . : :
2 by DicB T A,ergd cim C* T A, b erit C
T Bl oy B, contra Hypath, : -

Pror. XIV.
t &i fint due magnicudines. commenfu~
l:

rabiles AN, B; alteva autem ipfavum
A magnitwdini cuipiam C incommenfui 2~
bili fuciity & veligua B cidem C incom=
menfuvabilis crit, .

Pua B C.ergd cdm A T3-2 P,
b erit A T3 C, contra Hyp.

Pror. XV.

2 by ’l

b 13,10, AB

A s &} quatusr refle li-
:: nee proportionales fue-
D e - vim (A.B: C.D); -

. - prima.verd A tanto plus

pofir quim fecunda B, quanium eft quadratum ve-

i linca fibi commenfurabilis longitudine: & tevtia

€ tano plis petevit , quim quarta D , quantam

oft quadratum ve(le linea [ibi longitudine commen-

- . furabilis, uodffprimaA 5 tante plis paffit quim

fecunda By quantum eft quadratwm veita lince

i incommenfirabilis longitxdines & tertia C tana

o plids poterit quinm qarta D, quantum eft quadya-

R tumrella linew fibi longitudine incommenfurabilis,

;E,{f}; * Namquia A. B*:: C, D, beritAq.nq::
37, 5 €4 Dy, cergddividendo Aq—Bq. Bq:: Cg._
T g




i

C “Libs. Xm o mor
"Dq. Dq. 4 quare.y/ : Aq—Bq. B :: 4/ CqaDq. d 22. 6.
D, =in?rer:endo igitur qB - AQ—Bq 1 D.y/: € cor 4.5,
.€q=Daq. fergd ex zquali A.&/ i Aq—Bq:: 22, 5.
C v : Cq— Dq. proinde i AT, vel T4/

_Aq—Bq, Serit fimiliter C T, vel ‘T2 4:8 "'

Cq— Dq-. Q'E. D.

- Pror, XVI,
. P Si dua iggtudi-
A ' : Cim . commenfierabrlcs
D — AB, BC comporian-

o, tur , & tota magni=
tudo AC wtrigdipfavum AB, BC commenfis:abilis
esit: quad fi tota magmitude AC uni ipfarum AB,
vel BC commenfurabilis fuerity &r que i primi-
pio magnitudines AB'y BC commenfurabiles. erunt.
.. Y. Hyp. .2 Sit D ipfarum AB, BC communisa 3, jo
meen(ura. bergd D metitur AC.cergd AC TL b 1. ax i

AB, & BC- . E. D_- ' B 2 1 d(‘f. 106

. . . LAY
2. Hyp. * 5it D communis-menfura. ipfarum

AC, AB; dergo D metitur AC . AB (BC)s‘d 3. 4%, 190

s proinde AB - BC. QE.D.

Covoll.

* Hine etiam , i tota magnitndo ex duabug
compofita: commenfurabilis fit alteri ipfarum;
cadem & relique commenfurabilis crir;

Proe, XVIT. .
e ] - © Si due magnitudines i
X D B C commenfurabiles AB, BC.

componantur, &+ 1612 magni-
twdo AC wtvique ipfarum AB, BC incommenfusa-~
bilis evie : Rudd fi 1ora magnitudo AC uni ipfa--
rum AB iacomimenfisrabilis fwevit , & qua i prin--

- cipio magnitudines AB, BC incommenfurabilce

eant, . o .
Sy 3 Hy..
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3. Hyp. Si fieri powst, fic D jpfarum AC,
2 3.#x 10. AB communis menfura, ® ergd D metitur
‘b 1. def. 10, AC <~ AB ( BC), ¥ ergd AB"E.BC, contra

Mypoth.
& 16, 10, 3. Hyp. Dic AB “T-BC, ¢ergd ACT.
.. AB,contra Hypoth, i

Corell, )
Hinc etiam, fi tota magnitudo ex duabus
eompofita, incommenfurabilis fit alteri ipfa~
rum, eadem & relique incommenfurabilis crit.

Pacr. XVIIL-

' Si fuerint
dwa veiie I~
nea inequales
) AB , CK;

. i quarite wuem
+ } parti quadra-
FCD £ 1, mﬁ i

: -— K mimwi GK,
- ) H aquale paral:
: _ belogrammum

ADS ad majoren KB applizetsr , deficens fignric
quadratid, O iapartes AD, DB langitudine com-
menfurabiles ipfam dwidat , major AB tantoplus
poseric quam minor GK ,* quanturs eft quadratum
-#¢(la Lnea FD fibi lomgitudine commenfurabills :
Quid f major AB tanto plus poffic, quam miner
GK, quantum et quadvatum veiia livea FD fibi
bengitudine commenfurabilis 3 quarte autem pares .
onadrati , qued fit & minovi GK, equale prralle-
dogrammum ADB ad majorem AB applicetyr,
deficiens figurd quadyard, inpartes AD, DB lag~
a vo. v, gitwdine commenfisrabiles ipfam dividet,
b 28. 6. 2 Bifeca GK in H; & b facreftane. ADB =
i :m;r& GHq: abfcinde AF = DB: Bftqué’ ABy c=
4.2 4 ADB f('} G.’Hlb vel HK.]) -+ FDq. Jam
. .- . pimd
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primé,Si AD "I Dp,erit AB¢ T DBe Tl e 5. 10
2 DB f ( AF 4. DB, vel AB_FD) sergo f confte.
AB-TLFD. Q E.D. Sinfecundd, ABT-§ {7 00"
ED, berisided AB . AB ~FD (2DB) k 12 50,
kergs AB T DB, ! quare AD T Dg.! 16 1o
. E. D. : . ‘
g Pror. XIX,
N - Si futrint
E . ., due veila
linca ina~
" gudles, A,
GK, quirte
A L N autem  pay-
' o : . ” q’w;j'ﬂ{l‘,_
quod fir a
) (oo X minoie GK,
H aquale pai--
- . allelogyam-
waum ADB ad majorem AB applicetur deficiens fi-
gurd quadvad 3 & in pwtes incommenfirabiles.
longitudine AD, DB, ipfam AY dividat 5 maer
AW tante plas patevit, quim minoy GK, gquanium
eft quadratum veiia linee ¥D, fibilongitudine iz~
commenfurailis : RQupd fi major AB tanre plus.
piffit, owim minor GK, quantum (f} quadratum ye-
e lin:@ BD fibi lonsitwdine incommesfiovabilisy;
quarte aistem parti quadeati, qued £t & mizore
6K, aquale paralleligrammum DB ad majorem
AB a plicetur, deficicus figura quidiard  i0 prtes’
longitudine incommenfurabiles AD, DB 1fiin £B:
dividet. ‘

. Fata puta, & difta eadem , quz in prxce-
denti, Jtiqs primd, Si AD'TL D7, # erir pro-
perea AR DB3 ¥ quare AS T 2 L'
( AB— FD) _ﬁcrgé Ay ln‘ FD, Q £ . C o 370,

- Seeundd s Si AB T FD; ¢ Cl‘gé AR'TL 15. 15,
AB —FD ( 1 b)), dquare AB QDB , & e 1719,

e praindc AD'H-UB. QE. D Prov,

n
-]

a7 1o
b 13 o
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" Pror. XX '

-2!74‘011 b vations—
libus Mgz{udine comi-
wienfirabilibus reltis lis
meis BC, CD, fecun-
dim aliquem prediéte--
.} rumamodorum, contine-
D tr rectangulum BD,
t rationdle eft.
a 46. 1, " Bxponatur A, §. &?* defcribatur BE quadra-
bié wmmex BC., Quoniam DC, €8 (BC )b ::
sbr - BD. BE, & DC «T3.B€; ¢ erit reQang,
¢ kp. & 9. BD Tlquad.BE, ergd quum quad.BE L-Ag;,

def. 10, : i .
;f’:,:‘,’.' :iné]l)l) T Aq. preinde relang, BD eft fr.

Not..Tria funtyenzra linearim rattonatiim in-
ter fe commenfurabilium. Akt enim duarum lineas
vRm rationslinm longisudine inter [z commenjwiabi-
i altera aqualio cffrexpofiva rationali, aub newtra-
rationali expofisa equalis eit, longitudine tamen ci
wirague eft. commen(irabilis s ano denique ivague
cxpefitaationali commenfunabilis eft folim pores-.
Bid. Hi funt madi ill}, ques innuic prefens theo-
v8ma, .

In numeris, it BC,4/8 (24/2) &CD,y/18:

(.34 2., critre@ang. BD=y/ 144 =12,
Pror. XXI.
Si vationale DB
.| ad rationalem DC"
" applicetuy , latitudi-
naem CB cfficit vas

~ tionalem, & e DC,
A C Gl qm: applicatwm
. ’ eft DB, longitndine commenfurabilem. _
:.1"1::" Exponatur G, §, & defcribanis DA quadra«

¢ fh12. 10, tum €x BC. quoniam BD. DA*:: BL.CA;.

410,10, atque BD. DA *funt pa, ¢idedque O-;d eric

ON

é
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BC1L CA.atCD (CA) P oit;. tergd BC ¢ fib. 130
eft f, Q.B.D: : -
In numeris, fit reang. DB; 12; & DC, 4/ 8.
erit CB, 4/ 18.atquio/ 18 =34/ 2. & 4/ 8 =2
%y 2. oo .
| LEMMA. .
Ame  Dwas reltas vationdles pos
. T temtid folim commenfurabiles
: invenive. .
Sit A expofitaj. Sume B 3. A& CTLB. a 11.10. _
b liques B, & C efle quafitas, b fibas.aoy

Pror, XXII. .
\ Ruod fub ratio

nilibs DC, C®
D F potentid (olim o=
l . merfurabilibys rectis
Al G H liness continetny ye-

< B clangulum DB, i

rationale eft; & veila linea H spfum potens, irvatie-
nals; vocetuy autem Media, . v .

Sit G expafita . & deferibatur DA quadra«
wm ex DC; sitque Hq=DB, Quoniam AC.
CBa:: Da, DB, baique AC T-CB, <erit & 4 ¢
DAQ-D5 (Hq), datqui Gq - DA. cer- ¢ l?.-u :
gd Hy“I}-Gq. fergd Heft . Q.E. I vq'-';li bp. &9,
cetur awrem Media, quia AC.H :: H.CB, 4% )%

In numeris, fis DC, 35 & CB,4/ 6. erit re- ¢ 1. 10,
fangulum DB (Hq) 4/ 54. quare H cft vy/s 4.

Mediz nota eft x5 Medii verd s pluralis
& pae. ., S ‘

SCHOL, - ;
Omne.reQangulum , quod poteft contiferi
fub duabus re&is rationalibus potentii foliim -
commenfurabilibus, eft Medium; quamvis con-
tineatur fub duabus .re@is irrationalibus; atgee
- - B Y aunae:
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emne Mediumrpoteft contineri fub duabus re&tis
rationalibus potentid tantim commenfurabili=.
bus. ut exemp.gr. 4/ 24 ¢ft wr, quia continetur
{ub 4/ 3, & 4/ 8,qui funt }, T} etfi poffic con-
tineri fub vy/ 6, & 14/ 96 irrationalibus, nam.
W 34 =y $76 =v4/ S inuy/ 96.
- - Pror. XXIIIL Qund (5D
DA A fity ad
Q& sativaalem B C.
applicatum, lali-
tudinem CD ra-
tionalem efficit |
- & 6 BC, ai
B CE . . F quam applicatum
eff 8D, longitudine incommenfurabilem. -
a Kb 23.10, uoniam A eft w,* erit Aq re@angulo oli-
br.ani eui (EG) zquale, contento fub EF, & FG
&35 6~ T bergd BD=EG. < quare BC. BF :: FG.
e byp. CD.4ergo BCq.EFq:: FG3. CDy, fed BCq,
£ Jeh. 13- 10. & EFq.c funt ja,f ideSque T8 ergd FGq T
ﬁﬁb,n. 10. Cq. Ergd quum FG fit4,*erit CD§, Por.
k 1. 6 10, quia EF. FG*:: EFq. BG (BD); ob
110 12 o, BEF B-FG,!erit EFq T BD. verdm EFq
. {‘;’,.: "= Q. CDY. *® ergo reRang. BD'TL CDj..
ol & quum jeitur CD3. BD¢:: €CD.BC. rerit CD
P 1€, 10 "'F'h-lé- crg(‘), &e.
: " Fror. XXIV.
C Medie A
C commenfiiabilss
, ~ A B, m;d.ia eft.
' Ad CD, 5
s b -—-B-——— 3 fac re&ax,\gﬁ
i ‘ ’ CE=Ac;* &
- . redang. CF=
F b E Bq. Quioniam
H :;.’-o A3 (CB) cft wr, *& CD}, terit. latitgig
A -




PE § - CD. quosiam verd CE.CFi:id s s,
ED. DF, & CB ¢0-CF,ferit EDTL.DF. g b
% crgd DF cft 5T CD. *ergd re@ang. CF g 13, &7,
( B) ¢ft uy, & proinde Beft . Q.E.D. - 1o

Nota qub:i Sfignum ). plerwmque valce poten- k 22, 16
834 tantim commenficrabile, ut inbac demonftvatio=
ne, & in praced. &rc. quod intellige , ut ex wfi
erit, € jMxta Citabionts.

Lovoll.

Hinc liquet fpatium medio fpatio commendu~
yabile medium effe. '

LEMMA.

"R

Duas veitas medias Ay | -
P B loxgitudine commenfiurc=

biles 5 item duas A, C po-

tentiii tastnm commenfurabilesimvenire., a lemar.re;
3Sit A pquavisume B A <& CTG-A. & 13,6,

¢ Fa@um effo liquer, b2 lmre,

Pror, XXV, f‘i- Iem. 1o,
wod fub DC,CB me= 4 confer.

E dii:%ngitudim cammenfura- & 4 10

bilibus veltis lineit comtinetam

vetianguivm D B, medium

D

, eft.
3 Super DC conftruatur
.]5 c A quadrg:um DA. Quoniama r. &.
AC.(DC)CB::DA.DB& DCTLCS; lo. 10
beric DA T3-DB. <ergd DB eft iy, Q.E.D. ¢ 4 i%

\

Ta Prozy
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& 46, 1i
b 11 &12.6.

¢ byp&K 4.

s

d 2110,

& 1010 °

“f 20. 10,
[eb. 23, 6.

.h b 6

k 17. 6.

1 12, 10,

m 20.10.

m 32,10,

~

e

a by &
i6.10.
b 1.6
< byp.
d-10.10.
.14 1o,

EUCLIDIS Elemestornm
’ Pror, XXVL .
E F I L

1% - b

T A ¢ HKIN
> Xlsod [ub mediis potentid tantim commenfiias
bilibas rectis limeis AB, BC continetur veclangn-
lem AC, vel vationale eff, vel medium.

Super re&ay AB, BC * delcribe quadrata AD,
CE; atque ad FG §, b fac reRangula- FH=
AD,b & TK=AC, *& LM=CE. - .
" Quadrata AD, CE, hoc eft re@angula FH,
LM.¢ funt ua, & T3 ergd eandem habentes
rationem GH, KM funt d7, & ¢ T3-. fergo,
GHxKM cft f». atqui quia AD, AC; CE,

‘hoc eft FH,IK, LM slunt &; & kproinde

GH,HK, KM ‘etiam =, kerit HKq=GHx
KM lergd HK eft § 5 vel -, vel G-TH
( GE); AT, mergd reQang, 1K, vel AG
cht fv. Sin T, ergd. AC eft ur. Q.B. D

LEMMA
o SiA &
A E tantums -

- Evunt primd, AQ, BY, AQ+Eq, AqEq* T
grunt fecundo, AQEQ, Aq+Eq, Aq-Eq'T
AE, & 2 BE. NamA,Eb:: Aq. AEb:; AR,
Eq. cfgd cum A< Ederit AQ 0. AEc &
2 AE. item EQ¢' T 2,* & 1 £, qurecim
A pqT-AL R G & Ag-Eq TLAgK
. . ! i Eq):
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quéCl’unf Aq—i—EL]’ f&Aq_qug_AE, & 14. 100
" Hing erumt tertis, Aq, Eq, Aq+Bq,Aq—Ed; -
2 BT AqeEqya K, &q:q_fgqi,, Eq’ € 14,16, &
¥& Aq . Equt 2 AE “G-Aq -+ Eq—n . 1708
.‘.(QA-—-E.) e Re 7.3,

- Pror. XXVIL
C B - Mediam AB non .

rat medinvm A€
fr:Pz;m:' DB. o
£ KD X Ad EF j, 2 fac d ar 166,
= EG=AB, XEH
- ) = AC. Refan-
gula AB, AC,hcc
r R 2} ~~ CREG,EHb(umb by
d N pa,cergd TG, & ¢ 3310,
) - FH funt § TEF.
itaque & KG, ¢id eft DB fic fr, ¢ erit HG T f 3 e

HK;f quare HG‘B.FH. ¢ ergd FGqQTLFHY. £ ;3 1o.
fed FH eft p. bergd FG et jo veram -prids g lem.26 10,
eat FG f. Qua repugnant.. . " b fib.12.20,
SCHOL. ‘
. . s.Rationdde AB fuperes '
F D & i ADrationalipc”g, a by '
~ Nam AB*w.AD ib m{-ll:!o.‘
. bergd AETI.CE. € quare ¢ /b 13104
v C 3} CBeftjr. QE.D,
2. Rationale AD cur rom
timali C¥ facit rationals
¥ : | la fib.12.10,
Nom AD *TLCEyb s 1o
] b.qure AF QL AD ,,& ¢ Sh1x
B CF, ¢proinde AF eft jy,
C AT .
T3  Prom




3i6 . EUCLIDIS Llementorsm
: ~ Pror. XXVIIL -
- Medias invenire ( C, & D ), que

. N rationsle CD contiseant. .
2 lem.anre, ‘ 1Sume A, &B; b fac A.C:;
b 3. ‘: L1HE - CB tmque A.B::C.D. Dico
d 55, 100 faum. Nam AB (Cq) deft pn;
€ onft. dynde C eft 4. quumyero A.Be::
f o 10, ] C.Dyferit C1-D.tergd D eft .
‘B3 t0 L 3D Poropermutando A.C:: B. D, hoc
b 17.¢, ¢’ C.B::B.D, bergd Bq=CD.

b feb.13.10, gequi Bqeeft fr. Bergd CDeft . QE.F.
- In nﬁ?neris, fir A, 4/ 2; & B,4/ 6. ergo Coeft
W 12 facy/. 2.4/. 6 2194/ 12, D, vel uy/ 40y
36 ::vy/ 12. D.erit D, v/ 108, atqui vy 1210
v/ 108 =14/ 1396=4/ 36.=6. ergo CD., cft 6.
item C. D i 1.9/ 3. quare CT3-D.

Pror. XXIX.

Medias invenive poientid tantinm
copmenfurabiles D, & E, qua medi=
. . #m DE contineant,

& lemal.ie.

b 13 6. * Sume A,B,C 5 1) FacAD

et e “ ."::D.B.f&B.Q::D.E. Dico
d1. 6 fallum,

e 23:10, ‘ l Nam AB4=Dq & AB ¢ eft w13
£ confir. BER ergd Defl o & B £ C,sergd

E 24, 100 A "7 D -E.beagd B eit u. porro,
cnfr.& B.CEnD.E, & permutando B.D :: C.E

;";‘4- é- “khoc eft D. Az C.E.'ergd DFE=AC. Sed
masg ACmelt . agd DEeft 4y, Q.E.D. ‘
- . Innumeris, fit A,20; & B,/ 200,& C,4/ $0.

-~ Ergo D,eft 4/y/80000; & E vy 12800. Br-
: " 80 DE 1 4/4/ 10340000c0 =4/320%0. & D.B

RV 10, 3.quite DT E,

P sl
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. SCHOL.

A6 C 12 Inuenive dus wumerss plae

B,4. D)8 s fimiles el difimiles.
A% 33 CDyg6.  Sume quofcunque quatu~
" or numeros proportionalcs,
A6, C,5. A.B:uC.D. liquer AB, &
B,4. D,8. CD cfle fimiles planos. Sim
£334. CD,s0, latera iplorum AB, CD non
roporvionalia accipias,erunt
AB, CD numeri pgani diffimiles,

LEMMA. (

{ ' i .1
A~ FCp B
. 1. Dues mumerss quadraré ( DE4, & €Dq)
invemire, ita ut compefitne ex ipfis ( CBq) quae
dratus etiam fit. ~
[Sume AD, DB numeros planos fimiles(quo-
tam ambo pares fiat, vel ambo impares ) nimi-
rim AD, 34, & DB, 6. Horum fumma, (AB)
ot 30; differentia (FD )18, cujus femi -
(CD) eft 9. 2 Habent verd plani fimiles AD, 2 18. &,
DB unim medium numerum proportionalem,
nempe DE. patet dgitur fingulos numeros CE,
CD, DE ravionaleseffe; proinde CEq (*)CDq b 47. 14
=+ DEq ) eft numerus quadratus requifitus,
Facilé itaque invenientur duo numeri quadra-
ti, quorum exceffus fic quadratus, vel non qua-
dratus numerus. nempe ex eadem confiru&ione, ]
$erit CEQCDq=DEq. - € 3.ax 3,
Qudd i AD, DB fint numeri plani diffimi-
T 4 les, -




rd

i ' EUCLIDIS Piementorum
Jes, non erit media proportionalis ( DE ) nu-
merus rationalis , proinde quadratorum CEq,
:S‘Dq exceffus ( DEq ) non crit aumerys quaa

ratus, ' - =

Ty LEMMA. 2 - R
- '3, Duss mumeves quadvates B,C invenive; it
ut compefitus exipfis D 5 nen fit quadvatus. dtem
gwadyatum numerum A dividere in dues numerss

.- B, € pon quadrasos. _ ‘

A, 3. B,‘Q. C, 36. D,4f-
1. Sum¢ numerom quemlibet qnadratum B,

' sitq; C=4 B; & P=B+C. Dico fa&um.
© Nam Beft Q. ex conflr, item quiz B. C::

8348 g 4::Q.Q. *erit C eriam quadratus. Sed quo-

b wor.248. niam B_.-C‘A((‘D ) € 11 5.4:: 060 QQ. " non

erit D numérus quadeatus. Q. F..If.

A,36 .1: 14 C,12; ‘p: 3. B2, F,1,
-2. it A numecrus quivis quadratus, Accipe
. D,E,F numeros planos diffimiles , sitque
D=E4F. fac D.E:: AB. & D.F:: A.C/
Dico faBum. ' : .
Nam quia D.E+F :: AB4.C.& D=E.E,
2145 terit A—=B+C. Jam dic B quadratum efle,
b 31 def.7. bergd A & B} &cproinde D & E funt nu-
€ & geri plani fimiles, contra Hypoth. idem ab-.
T fardam fequetur, f € dicatur quadratus,. er-

g&; &C._ » T

>

-
o,

Prord



. Liber X. 413
. _ Pror. XXX.
Invesiie duas raris
& pndles AB, AF poten- o
tid tantim commenfira- s
\ biles, ita wt major AB
B Mus poffit, auim minor
R A¥, quadrato relte linca /
C.LB...D . BF lomitudine ili come
L0 mgjrzfm'gilis.g . -
" Exponatur AB, p. *Sume CD, CE numeros » .1, 1, 10:
quadgtos, ittt CD —~CE (ED) fitnon Q. 1o, - 29
® Fidtque CD. ED :: ABq. AFq. In circulo™d 3. lem.1o,
fuper AB diametrum defcripto © aptetur AF; o
ducatiirqs BE. Sunt AB, AF, quas petis, - 4
. Nam ABq. AFq 4:: CD. ED. ¢ergd ABq 4 confir.
T3 AFq. verim AB eft . fergd AF eft §. fed ¢ 6. 10,
quia CDcft Q: at ED non Q: Serit AR 13 f /2b. 12,10
AF. porrd, ob ang. *reflun AFB, cft ABq £ g;_‘; ’
k= AFq + BFq; cim igitar ARy, AFq::k 47.1.
CD. ED. per converfionem rationis erit ABq. 1.1
BFq::CD.CE:QQlergd ABTLEF.QEF.
In numeris; fit AB, 6; CD, g; CE, 4; quare
ED,s.Facg. §::36. (Q 6% A¥q.crit AFq
30, proinde A 4 20. ergd BFq =236 — 10 =
16. quare BF cft 4. :
Pror. XXXI.
Tnvenive duat yva-

. tienales AB, AF po-
B yenis tansim com-
\ menfurabiles , ita mt

major AB plus paffic,

: ' wimminoy AF qua-
A Croseon E mu DB ?Imm velte linquF
(753 Longisucdine incom=
menfirabilis.
. Exponatur AB, j.? accipe numeros CE, ED 2 3.1, 29,
quadratos, itd ut CD= CE «+ ED fitnon Q_'*
& in reliquis imitarg conftruQtionem praceden-
sis. Dico fatum. "7 T 7 7 Nam,

H




d 3o. 10,

b 136 .

c 12.6,
d conftr.

€ 22 1Q.

f 7.6,
10: 10,
14, 10,

k 17.6.
1 15. 10,

AR -

EUCL2IDIS Elemewiornm

Nam, ut ibi, AB, AF funt G- item ABq,
BFq :: CD. ED. ergd cim CD fit non Q
berum AB,BF T, Q. B.F.

In numeris, it AB, 5. CD, 45. CE = 36;
ED=y9. Fac 45. 9 :: zgé‘ABq). 5 (AFq).
ergd AF =4/ 4. proinde BFq = ¢5 — 25 =
-20. quare BF =4/ 0. .

Pror. XXXII.
A —=— - Invenire duxs medit

c T C, D putentid tantim
D commenfisabiles ,  que

) vationale CD  contine-
ant , ita ut majer C plas poffit, quim minor D,
quadrato recla limes fibi longitudine commenfisra=
bilus. .
? Accipe A, & B § T itd uty/ AQ—Bq TL
- A, *Fiitque A, C:: C.B. catque A, B:;: C,
D. Dico faGum. o
Nam quia A, & ¢ B funt § T, ¢erit C (F/
AB) . item 3ided C - D, bergd D ctiam
p..porr&giaA.B‘::C. U & utatim A.
C:B.D::C B; &Bqieltjr, erit CD
¥ (Bq) pr. Denique quia / Aq—Bqd-TL
A,lerivy/ Cq— Dq - C. ergd, &e. Siny/
Aq —Bq '} Ag, erityy Cq = Dq - C.
In numeris, fit A, 8; B; 4/ 48 (4 : 64— 16)
ergd C=4/ AB=uy/ 3072. & D=yy/a728.
quare CD =uy/ 5308416 =4/ 2304.

Pror. XXXIII
Invenive duas medias
~———=  D,E poentii foliims com-
——— menfurabiles, que medinm
— DE contineant, ita ut ma-
: jor D plas paffic, quam
minor B o quadvato refta linem jibi longstwdine com=
wei(ui thikis ¢ o

2 Sume

\



e

- Liber X.. 21¢ 1

*Sume A& C{, 1} itd uty/ A =Cq"Th 2 30.70, -
A.bfumeetiam BT A, & C; & fac A, D¢ ;; b lem. 21,
D.B¢:: C.E.Erunt D, & E queefite, . ::o;;. é.

Namquoniam A, & Cefunt$, ¢ & BY1. d 13 6.

A, & C,ferit B; & D (& AB) texi: e ;";ﬁf- )
¢ Quia verd A.B:: C. E.erit permaando A, f;z: :2'."'
C::D.E.ergdmA G- C;herit DG E, § 1o 10
% ergd E eft . porrd, Lquia D. 8:: C. E} 1 & k 2410,
BC et uy, ctiam DE ¢i zqualc eft wp, deniq; L’,’g “;'
propter A. € :: D, K. *quia ¢/ AQ— Cqm. n xs'm:
A, ®erit o/ Dg. Bq 11 D, ergd, &e, $in N
Aq —Cq'T- A. erity/ Dg —EqT1- Eq. - »
In numeris, fic A, 85 C,4/48; B, 4/ 28. eric  *
D uy/ 3072, & B vy/ §88, quarc D E :; 34/3 -
& DE =/ 1344. . -
- DPror. XXXIV.
Invenire duas ve-
D‘ . Gas It:rieag AF,BF
. petentia tncommen—
Gl Jurabiles, qua faci-
’ Zz cawgo]ﬁtum qui=
- 7 eX 5pf arm quia~
c A E B drais fgzioaale;, re-
Stanoulum verd [ub ipfis contentsum, medium, S

3 Reperianwur AB,CD ; Gsiduty/ ABg <, L o
CDq T AB. bbifeca CD in G. ¢ facre®ang. b 10, 1,
AEB = GCq- Super AB diametrum duc fe§38.6
micirculum AFB. erigs perpendicularem EF. ¢ % o o
duc AF, BF. Hz funt qugz indagandz erant, ;.

Nam AE. BE¢:: BAx AR, AB x BE. Sed 7. 5.
BAx AE¢=AFq;*& ABx BE = FBq. fergo £ 19 1o
AE.EB:: AFq. FBq, ergd cdm AE 511 3x. 3. &
EB, » erit AFq T FBq.d(@inetian; Aqu 47:1. ;

xAFq + F et jy. denique EFq 1= 1 confer,
feBis CGq?“l\grgc‘) EF=CG.ergd CDx ', 0"
AR—= 2 EFx AE. atqui CDxAB et ur. o 24, 10.
oerg0 ABXEF,? vel AFx FDB eft pur. Q E.D. p fih. 22.6.
- ' Explicatie -
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Explicatio per moneves. :
_ Sit AB,6. CD, 4/ ti2,quare CG =4/ =
‘W 3. Eftyerd AE:{:; +4/6, REB=3 —
v 6. & unde AF erity/ : 18 + 216, Bt FB,4/:
18 ¢/ 216, item AFq  FBj it 36, &
AF x FB =4/ 108, '

Cazterim AE invenijtur fic. Quia BA (6).
AF.: : AF. AE;erit ¢ AE = AFq = AFq
~+ 3 (EFq) ergd 6 AR — AEqQ = 3. po-
ne 3+ €= AB. ergo18 4 6¢—~96¢
— ¢, hoc eft 9 ee== 3. vel ec = 6, quare
¢=4/ 6, proinde AE=3 4 ¢/ 6.~ .

_ Pror. XXXV.

- C e

E

. Gl’ ) .
L C A \ b B.
" Invenive duas vellas liness A, EB potentid in>
commenfurabiles; quafaciant compofituvs quidem ex
pfarum quadratis, medium, reiangulum vero [ub
apfis contentum, rationale. :
8 3.0} * Sume AB, & CF v, it ut AB x CF
S + fit ‘pryatque o/ ABq — CFq "I~ AB. & reli-
qua fiant, ut in praecedenti, erunt AE, EB quas
etis.
_ ) Nam, ut ifthic oftenfum eft, AEqQ‘T] EBg:
“ #tem ABq (AEqQ 4+ EBq) eft ur. & dee
b eenfir: :\i:lue ABx CFbeft 'pr,' “idcirco & AB x DK,
3%,’:‘;2 $hoc Sﬁ, AE x EB, R gy, ergd &9 Vo

* [

Pror,

|
1
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T Prer. XXXVL
P . Invewivedu
as rellas lint=
. r - » BA, AC

" perentii incE-
o - menfurabiles ;
ﬁ que faciamt &
compofitam ex
El B D C ,.P;m il
Aratic mediums & velangulm [ih ipfis compres
benfum medium, mcommmenfurabileque compefito ex
infarum quadiatis, . .
* Accipe BCX EF 1T itdut BC x EF &¢ 3 33. 10,
pre & o/ Beq—EF g1 BC. & reliqua fianty -
ut in precedentibus. Erunt BA,’ AC exoptata,
Nam, ut priis, BAq “T}- ACq; item BAq —+
ACqeft ure &BAXAC el w, ique BC
b EF,atque ¢ ided BC ‘- EG; ¢ft 33 BC, ‘c’ :"‘ﬂ"-
EG ¢::BCq, BCxEG, (BCxAD,velBAd 16
x AC). cergé BCq (BAq —«+ ACQ) ‘9. € 1410,
BA x AC. ergd &c.

PN

Invenive duas medias. longitudine, &r potentii in-
commenfusabiles,
2 Sume BC u, sitqie BAXAC p'3 &' 2 36. 10,
BCq (BAg \ AC3). b Fac BA.H :: H.b 3.6,
AC. Sumt ©C, & H “' G Nain BCefti.

3& BAXAC (< Hq) eft ur. quare H elt etiam . 17. 6.:
. v e



218 EUCLIDIS. Elementornm
4, 14.10. y./’ dJtem BAx AC 1 BCq; ergd Hy 'L
.BCq. ergo &e. ] :
Drincipinm [enariornm per compofitiont.

Pro®. XXXVII !
‘ N A Si due raies
A y S ‘o males AB, BC
B . Jorentid tantim
commenuiabiles compenantuy, tota AC irvatwonalis

¢ft; vocctur. autem €x bints nominibus.

a byp Nam quia AB 2 T+ BC, beritACq T
b 6.0  ABq. Sed AB2eft f. < ergd ACeft p. QE.D.

€ Eidefil0s Pror. XXXVIIL,
'Si due medie AB,

' ——— BC poteatii s tantum
A B C commenfuiabiics -umyom

aantur, gue vationale contineant, tora AC irraio-
Uis e[ty vocctn: awlem ex bims medtis prima,

“"Nam quoniamAB * "T0.BC, ® erit ACqTL

-2 byp. ) . Ty
b l?:x.z&.ro. ABxEC, fr. cergd aAGeft p. QE.D.

€ LLdef 10

. : LE MO A
B : Ruod fub
) C linea ratipiali
. AB, oy ir'fdﬁ;.‘

- i - 72t BC conti-
nctey vefiaziga-

AL y - L fwm AC, iria-

tiosae efl.
& byp- Nam fi re®ang, AC dicatur pr3 quum AB?

b .18 g f; beritlatiudo BC eriam f. contra Hyp.

Preop,
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Pror. XXXIX,

: : 8idus medie -
AP — - AB, BCpotcu-
D. - H 3 tguli v come
meifwrabiles co - v

portatur 5 qua
wacditii nxk:ie=
- : : aitstor1 AC ire
raidanalis oty

. : —~ VOLELiY altein ex
€ = F bis ncdiss fe=
cwnia
Ad exvofiam DE, p?fuc re@tang. DF 2= 2 ar. 18. 6.
ACa® & DG = , ABq BCq b 47.1. &

Quoniam BT BCq, 4 erit ARQ .+ "1»6

BCq, hee e DG 1. ABg; fed ABy ceflt wur. g ,z 9.

€ erg0 TG efl v, vertim re@tang. ABC poni- ¢ 24. 710, -
tur s ¢ idedque 2 ArC (f}ll) cft py; Ser- f42 2 ‘o,
go EG.& GF {une §. quiaverd DG T BE R % e
arque DG: HF ¢ *8G. GF terit EGHTLk 1. 6.
GF. merad tora BF ¢lt p, ® quare reftang, DF L"; "";)
eft fr. fcrvo\/DF 1deﬁAC,€ﬁF QED.§ 2 e
o 11.deforo,

Pror. XL.
Sidusreita lince
A A . A3, BC potratid
b c taptum common/ira-

biles combonantur, que faciant comgofitun Juilem

ex z’)j,mtqur’mmnlum/e, quod autem ﬂ/b {503

coniinztusy medinms tola recia binca AC, iriationa-

Us cvit : vocotur autem major. ‘ b
Nam quia ABq 4 BCq *eftfr, &1 z;ﬁvl?”.l( .

ABC < p, & proinde ACq(4 A’B-]-o- BCq =+ ¢ Iyp. & 3t

2 ABC) °"CLABq-+ BCqjr, t erit ACH. 10

Q~E' c 17 xo
vV 2 I\Roy f 11, defiro,
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" Peop. XL L
v Y Si duaves
A — B s linea AC,
: - Q © CB  roeati

mcommenﬂnmbzles camponantis qua faciant compo-

Situm quidem ex. ipfarum quadratis medsum, quod

autem [u) ipfis contingiur, rationdie; tota vecka linea

AB irvationalis cit: vocetwr autemrauonalc ac me-
) dium potens. .
a ly. &' Nam 2 re&ang ACB, * iy T1 ACq

L35, CH o 155 3 ACB 4TL ABY. que

j’;’; ABcﬁp. Q.E.D. ]
£ 11 deﬁ.n. ‘ Pxor. XLII
. | £ Tt
——= I I
. a H K} |-

Si dua reila linee GH, YK petentii incoms
menfurabiles compenantur, que faciant & compufi-
L ex ipfarum quadratis mociwa:, < quod fub ipfis

* continetur rr'd;um, incommenfuiabiéqs compofito ex
quadiatis ipfarwm 5 teta veta linca GK irvationalis
eiit : vocgtur awbem bina media paiess.

Ad expofitsmF I f,fant relang, AR = GKq,,

;’;)‘P & CF = GHq «+ HKg. Quonizm GHq _.
¢ 2510 HKq (CF)*cht,us latitudo CB berit f. Irem
d 2.6 qula zré&ang GHK( AD) = cft pv, etiam
¢ ro.10.  ACbeit & Pér o quinreélang, AD* T CF,

£37. 10 darque AD. CF : : AC.CLecrit ACTL CBa

e len.28.10.
b 1r,def 10. fQuare Aefl 35, ergd ‘reftang, AF, id cft,

GKq ety b p.omde GKcft].. QE D.

PrOP,
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Pror, XLIIL

~

AC #FEDB
. Qe vx binis mmintibys AB ad unum dustayat
Wit D dividieur in nomina AD, DB,
$i fieri poreft, binomium A B alibi in E fece:
tur in alia nomina AE, EB. Liquet AB (ccart
utrobique inzqualiter, quia AD “1-DB, & |
AE TL g3, b
‘ oniam retangula ADB, AEB * (unt ua;, 2 716
- * & fingula ADq, DBq, AEq, EBqfuntéa;®e-p 1} 2210
dedque ADq .+ DBq,*® AEq EBqctiam
fa,¥ idcicco ADq 4 DBq s AEQ -+ EBg.
“hocelt, 3 AEB n 2 RDB et fp, derzd ARB ¢ fob 5. 2.
s ADB pravgd e fuperat pvper pr e QEA, d /b 1210,

‘ € 27.10¢ -
Prop, XLIV.

- A " EDDB
Que extbiniy mediis prims A B o8 timem dypta.

xat puuthom. D dividiewr in mmina AD; DB,

Pura AB dividi in alia Aomina AE, EB. quo
polita, finguls ADg, D8q,EBg,* fimt pat; *& 2 38 10,
retangula ADB, AEB, tordmque dupla, funft ¢ fib.27. 10,
‘p#. > &pd ©AEB w2 A DB, hoc et ADq d i 5 2
-+ DIq o AEy -+ EBqelkt pn 4 Q. B. A, q 3770

. V- ‘3., P{O"- .
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Pxor. XLV,

- Que ex bins me-
A— L [ B diis ficunda AB,
Er- i ad unum duntazae
o punitum C  divi-
i . ditur in  werina
, AC,CB.

F Dic alia effe ne-
' XH ¢ mina AD, Ds.
Ad expofitam BF 'y; facre@tang. EG = ABq«
& EH = ACq -+ Clg; item EK = ADq

-+ DBq
2 3s. 10, Quoniam ACq, CBq* funt ue -1 "ent
" 16. & 24. ACq + CBq ( EH) ur. ©erge Iaritndo FH
& 5. * quin & retang. ACB, ¢ idedqs 2 ACB
¢ (IG ) eft ur: cergo HG, e etiam ‘. Cam:

cz; 10.
du 10,

S3. jgitur EHf ‘T 1G, $2tque EH. 1G:: FH.
f (m u 19 Hc,,hcmnt PH, HG ‘.. kergd FG eft bino-
g 1.
L ,, 10. -mium; cujus nomina FH, HG. Simili argu~
k 37,38 KOO EG eft bin. cujus nomima FK, KG,
- eantra 43 hUJUS. ‘

Pror. XLVL

Mejer AB ad unwm duuzat ponitum D divi-.
ditwy in nowsing AD, DB.
2 4e, 16, Concipealia nomina AE, EB. quo pofito 1¢-
: f:"; :27.1e. &angula ADB, AEB® e * &am ADq
d 2, ,5.‘ DBj,quim AEQ 4+ EBqf{unt ‘pa. » ergd ADq
-+ DBq —.Alq..;-qu,Choc eft, .2 AEB
2 ADLCE er. SQF. N Pror,
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Pror. XLVII,

o : Ratianale ec
P N A medium foterk
A F E D BAB, an inim

dumarat puntum D dividitur in nomina AD,I0B ‘

. Dicalia nomina AE, EB. *ergotam AE 2" 41. 10,

— EBos quim Aq - DBqlunt pa. * & re-

&angula AEB, ADB, (unt ‘¢a: bergd 2 AEB D {‘,f’-”z‘,""'
— 2 ADB, < hoc eft, AD3+ DBq: — AEq -+ § 1007
EBqeftpr. Q. K. A.

Prop. XLVIIT.

D c e
Al Bina “medis po-
E Ly B tous AB ad wnum
] - U Quntaxst punflum -
’ i C dividitur in ne- -
wina AC, CB.
. © VisAB dividiin "
Fl— L2 ‘alia nomina AD,
- KH G DB Ad expok- -
tam EF 'p, fiant re@ang. EG = ABqQ,& EH = .
ACq+ €CB3, & EK =ADg .+ DBq. Quo-: ’
niam ACq.«+ CBq, nempe EH = ¢ft ur, ® ¢rit 2 42.10.-
Jatitudo FH . T:emquia 2 ACB, * hoc eft, b 23. 12
1G, eft* uy, berit HG etiam ‘p. Ergo cim BH ; '; " )
4. 1G, sitque EH.IGY : : FMUHG, terit ¢ 10,10,
¥H " HG.fergd FG eft bin, cujus nomi- £ 37.1¢.
na FH. HG. Eodem modo ejufdem nomina e

runt FK;, KGs contra 43 hujus,

- _ Definitiones fecunde. -
Xpofita rationali, & quz ex binis no-
Eminibus, divifa in nomina; cujus majus
nomen plus poffit quim minus, quadrato méte
lincz fibi longitudine commenfurabilis 5
1. Siquidem majus nomen expofita rationali -
V 4. comt- -
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commenfurabile fit lengituding; vocetur totaex -
binis nominibus prima. -

1 1. §iverd minus nomen expofit ranonalx
dongitadine fir commenfurabile,vocerurex binis
nominibus fecunda.

E1L. Quddfi neutrum iplorum nominnm 6

<+ longitudine commenfurabilc expofita mmnah
vocetur ex binis néminibus tertia, .

Rurfus, fi -majus nomen plus poflit quum
. , quaduato rele linee ﬁaxlongn—
tudme mcommenﬁnab!lxs B ‘

T V. Si quidem majus somen expofitz ratie-
mali commenfurabile fitlongitudine; vocetur ex
binis nominibus quarta,

V. Siverd minus nomen § vocetur quinta.

V L Qudd i neutrum ipforum nominum,

vocetur fexta,

Jror. XLIX. .
‘A..4 GC..o8 B Inuewire ex bi-
- Dt nis mominibus  pri-

B— G mam,EG.
" @ fth. 2910, F * Sume AB,AC
b im0, numeros quadra-
1o. tos, quorum excalus CB non Q exponatur D ‘a.

liof'k"" 19 b accipe quamvis EF T D, “fac- &B. CB::.
EFq. FGY. erit EG bin. 1.
:Z'"J}- MNam EF "I:I-D.eetgoBF § U item
6 10 EFq Th EGQ. 3 ago- FG eft ctismf. kkem
fib. 13,10, u;aEF FGq:: AB. CB:: Q. nonQ; herit
£ 9. 10, ?F ‘- %G dem]ue qQuia p;r{ converfionem
rationis EF4. EFq — FGq AB.AC Q. Q.
K20 XeritEF L v EFq FGq, legd G ot
1e. bin, 1. .Q.E.F.
. Explicatio per wimetss.

Sit D,%. EF, 6.AB, 9. C8, 5.querc cim
95



9. % :: 36,20, erit FG, 4/ 20, proinde XG et
[ o '/ 20, .

‘Pror. L..

A.4C 5B Invenire ex binis nomi-
P T g Mbmsfecamdam, EG.
" Accipe. AB , & AC
H numeros quadratos,quo-
ram exceflus CB fie
non Q, Sit D expofita p. fume FG T D.-Fac Probaut prew
CB. AB :: FGq. EFq. Erit EG quafita. cedensem:
Nam FG 1. D, quare FG eftj. item EFq.
“t1 FGq.ergd EF eft ctiam f. item quia FGq.. - -
EFquCB. Ap ::aon Q. Q. ¢t FG ‘T3 BY.
denique quis CB, AB ::'F Gq. EFq, inverséque -
AB. CB:: EFq. FGq, erit ut in precedenti,
EF T ¢/ EFq —FG1 * ¢ quibus EGcit 2 2defi48.
bin.2.QEF. ~ to.
In yumevis, it D, 8. ¥G, 10.AB, 9. CR, s,
erit EF, ¢/ 180. quare EG ¢t 10, + 4/ 130,

Pror. LI
A..aCosB Invenive ‘ex binis
a LS rominib? teitid, DE,
D ¥ : Sun}e DUINEIOS 5 fif 29,50,
_E AB, AC quadratos,
H — quorum excef(ss CB

non Q. Sitque L numerus non Q; proximé ma-

jor quam CB, nempe unitate, vel binario. fit G

expofita f, ® Fac L. AB:: Gq. DBq. *8& AB. b 3 Im 10,

C# :: DBq. ERq. erit DF bin, 3. e

Nam quia DBq ¢ 13 Gq, 4eft DE§, item ¢ comfir. 6.

Gy. Diq:: L AB:non Q. Q. crg,(i. G B ;O}w  iie

DE£. izem quia DEq ¢ T3.'EFq, 4 etiam EF ¢ 5. 0.

cft . quinetiam quia DEq. EFq:rAB. CB::- ’

Qnon Q. feR DE “TI-EF, porrd , quiape: £ 9,18.
Vs o confl.
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conflr.& ex zquali GJEFq:: I3 CB::non Q.
£ fd.ar. 8. Q. (nams L, & CB non (unt fimiles plani na-
‘hg.re.  meri) derit G etiam “r. EF, denique ut in
f.,s def. 48, preced.y/ DEq— EFq T} DE. ¥ ergo DF

o “eftbin. 3. Q.E.F:

- Innumeris, it AB; 93 CB,.5; L, 6. G, 8 erit
). ,A/ g6 & EF, o/ #22 quarg DF =4/ 96 ;

—

—PV ’

o Prer, LIIL
An3CounbB Dnvenire ex biawe notnigi~
G- __y Unsquariem DE.

. 3 Sume quemvis nume-
R s rum quadratum A B,*quena
) divide in AC, CB non
b3 lem. 1o quadratos. it G expofita p: b accipe DE -
o ©,¢Fac AB.CB:: DEq. EFq, erit DF bin. 4.
ckem.1e, Nam utin 49. hujus,"DF oftendetur bin,
1., - jtem, quiaperconftr, & converhionem ratienis
d DEq. DEq —EFq 11 AB. AC :: Q.non Q,
$9i " derit DB'Tly/ DEq— EFg. tergo DEckt
4§ 4o, bin.4 QE. F. - .
- In numeris, fit G, 8. DE, 6, erit EF o/ 24
g0 DFcft 6 4/ 24. '
. ‘Prorn.. LI1L,:
ég- 3Cana €3 Invepire ex binis wa=

D———— e B minibus quintam, DE,

A k.10,

_Accipe quemvyis nu-
merum quadratum A B,
cujus fegmenta AC, CB -

N fint non Q. fit G expolta ‘g (ume EF . G. .
fac CB. AB :: EFq. DEq. erit DE bin. 5.
_ Nam ytin go hujus, erit DF bin. & quia
ag.10._. bper conftr. & invertendo DEq. EFq :: AB.
bs.if, . CB, idedque per converfionem rarionis DEq.

1%.1e;,  DEqQ—EFq it AQAC i1 Q non Q. *erit
. T ’ - D.El
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Dr'mny DEq.— BFq. bergo DF cft bini

4. Q.E.F.
In numeris fit G, 7. EF, 6, cmDE v s4.

quare DF eft 64 J S 4.

Prer. L1V. .
A § Cunine 93 . Invenive ex bimis nomi-
L.....-...’ mby‘ f'xm.
s Tk Accipe AC, CB pri= -
LR mos numeros utcungue,fic . ‘ -
|, —— - ut AC 4+~ CB (AB) fit 2 3.0em. 18,0

.non Q fume etiam quem~ 1%+ -

vis L num. Q. fit 65 expof. g ® fiztque L. AB ::
673. DEq. atque AB. CB : DEq EFgq. erit
DF. bin. 6.

Nam, utin gx hu)us, DF o&endeturbm
‘jtem Quod DE , & EF "I °G. denique igitur
quia per conflr, & converfionem rationis DEq.'w fih. 27.2. 3.
DEq—E£Fq:: AB. AC::inon Q Q (Num ¢ g.10. .
AB primus cft ad AC, bxdc:oque ei diffimilis) ¢ g “‘f’ :
*ergo DE'r ¢/ DEq_EFq sergo DF eft * )
bin. 6. Q.E.F.. .

In nemeris fie G, 6. DE \/48 et EF y/ 2-3 .
quare Dl* eﬁJg.l ..q-J 28..

LEMMA -
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. LEMMA

Sit AD relfan-
C auiwm , cuws Lo
cilE AC fecetur inaqua-
. V| diter inE; bifectumas
: fit [egmentum  minws
ECm¥; arquead
B ) AE, * figtreltang.
H1pK f AGE=EFq. pérgs
LR S G,E,F ® ducantur ad
: | AB paallela GH,
R Q Y T ELEK.c¢ Fiat auters
gradratym LM —
veitang AH atgy ad
1 OMP prodnlaom « fi-
L o 1 Agvadiatum MN=—.
GY; reciaque LOS,
EQT, NRS, NPT pradwcaniur.
Dico x. MS, MT funt reffamuis. Nam ob
’ quadratoram angulos OMQ, RMR reos,
* [ 150 2 erir QMR recta linea. ».ergd anguli RMO,
| I . v
: ém;ﬂrc&l funt. quare pgra MS,MT funt re-
g a. .
&% et 2, Hincpatet LS < = LT5.0 proimsde LN effz
guadratum.
3. Rellanguls SM, MT, EK, FD aquiia
&b funr. Nam quia re@ang. AGE 4= EFg. ¢ it
. :7&" AE., EF :: EF. GE. f ideoque AH. EK :: EK.
/2. 23, 6. OF+ hoc eft per conftr, LM. EK:: EX. MN.
£ % tyeram LM. SM:: SM. MN, crgd EK .=
k36n SMs=FDI=MT. ~

a8 ¢

1‘43"' * 4 Hig LN*=AD, :
ke s, Quia EC bifecta eft in B, patet BF, FC,.
BC X offe. :

ot & € SiAE T3 EC; & AR 'n.JAl:q...
e BQgveunt AG, GE:, AR We.item, quix
- 4T,
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‘ - Liber X. 229
AG,GE :: AH. GI rerunt AH, GI; hoc e p 10. 10,
LM, MN ., item iifdem pofitis,

7. OM T MP. Nam per Hyp. AE. ‘T
EC,1erg6 EC T GE.4quarc EF T}~ GE, 9 4. le.-

- fed BF. GE ::EK. GL tergo EK.'II. GI, ¥ 19 1%
hoc eft SM 13- MN. atqni SM. MN :: OM,
MP.tergo OM “TL MP.

8. Sin ponatur AE T+ &/ AEqQ—ECq,
fpaet AG, GB, AE efle “Tj unde LM “Th [ 19, & 17,
MN. nam AG, GE :: AH. GI:: LM. MN, 1o

Hus bene perfpectis, facile fex [cquenses Prapof-
‘$ioncs expediemus, .

Pror. LV.
Si fpatism AD> continesnr [ib yationali AR,
@& cx binss nomsinibus primd AQ, (AE 4 EC)
_veiialinea QP fpatium potens irrationalis eft, que
ex bins nominibus appellatwr. ,
Suppofitis iis, qua in lemmate proximé pra-
tedenti deferipta, & demonfirata funt, liquet re«
Etam OP poiit fpatium AD. 2 jtem AG, GE, a bpp.& b,
AE funt Hergd cim AE *ficp T} AB, 15)4;’;“
¢ erunt AG, & GE, p T& AB.¢ergdreftan ¢ f}. ra.1a.
gula AH, GI, hoc eft quadrata LM, MNfunt d 0. 5o,
‘o erg0 OM, MP funt ‘p ¢ 5. f proinde OP ¢ ;‘;‘f: 1o
efbbin. Q. E. D, ‘ . ‘
In muincris fit AB, 5. AC 5 4~ 4f 12. quare
reQang. AD =10+ 4/ 300zt quadr, LN, er-
g0 QP eft o 15 4 4/ 55 nempe bin. 6, A

x Trom. .
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Pror; LVI

Si fpatinw AD coutintaiur b rarenali AB,
O cx biais powin’bus fecunda AC ( AE4+EC);
retia linea OP $paciwm AD poteisyirrasionalis eft,
‘ qua ex bings raedsis priina appeliatur.

Rurfus adhibito lemmate ad g4 ‘bujus, esic
adp. o OP=y AD, 2item AE,AG,GE funt ..
lbm 5418 ergd quum AE b fit p,‘q_ AB, s erunt AG GE
tfrh 13,10, ¢tizm § "I AB, ergd u:ﬂano'xh AH, G
d'23.10.  hoc e OMq. MPq ¢ funt paets ‘qumer'pn
¢ lem54- 2% OM ~m_ M. denique EFTL EC, & LC
£ byp 12108 L AB, tquare EF eft j 0. AB. £ ergo-
it . EK; hoc cft SM,vel OMP eft or. » Proinde

"7 - OP eft 2 pprim. QE.D
In numeits, it AB, 5. &AC 448 —+ 6. ¢rm

gé redtang. ADi=4/: 1200 4+ 30=OPa.

ergé OP cﬂ; vy/ 675—+uy 7§; nempe bimed. 1,

Vid. Sthem. §7.

Pror. L V1L,

. — . Si_ fpatium AD
‘ A , c COMSTgtainy Jub veide-
i . Gl 1E{F|  nb AB, & exbina
- nomizihus tevtia AC
s (AE+EC )jsretia
linea OP (batum
“AD potens , irratie-

B .
S R _‘3‘\‘“ nalis eft, que_ex binis
©

medis fecunda di r;—
tur. -

m—1P . “ae
: pnus OPq—
M J * AD. item re@tangu-
=

la AH, GI, hoc «ft
OMP, :Mpq funt

a b‘”'&d . G “a. ‘mm EK, vel
b 3’5 jo. . v '~ OoMPp Cﬁ My, ‘Cl’—
86 OPR cft bimed. 2.

Ia
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In wenvvinle AR, 5. AC/ 3344/ 34, quare
AD cft i/ 800 + / 00 = OPq, proinngP. ‘
At vy 450 .4.;.'4,/ 50; hoc cft bimed, 2. -

Pror, LVIIL;
- 8i [patium AD
A : C eomtineatnr fib vatic- .
. G E F ”‘h. A.B, O ex bink
. 2ortius quarta AC;
(AE t+RC)sreaa
s linea QP Patium ps-
Bl <k tens , tvastonalis eff,
. H1 K N‘ quR TOCAtNY major.
St- ' Nam  jterum,
ol— OMq 2 ‘T MPY, aglem.5416:
' M reflang, verd Al,
-hec eft OMq+MPq
beft jy , ¢ item BK, :’ i X4
; . vei OMP eff u». col;y!'..'g-
L : T ‘HgOOP(\/A’B) 23. 10, :
oft major. Q. E.Dd 4010t .
In-uimeris fic AB, S, & AC,4/8, ergd
re&_:x:;,. AD ¢k 20+ 4/ 200.quarc OP et o/; -

20. 2C0;

.

~

Pror.r LIX.

8i_fpativm AD_contineatur fub vationali AB, -
@ ox bin's nowinibus quinta AC; veclalinea OP -
[patikm AD porens, tyyationalis ef, que raiiona- .
le & medium potcn: appellatur. >

Rurfus OMP ‘13- MPg. reQtang. verd AT, )
vel OMq+MPq et v 2 item reflang, EK, a ot inpradd:
vel OMP eft fy. Pergd OP (/ AD ) cft po- b 41.10.
tens fr, & . Q. E.D. ‘

In numers, it A, 5, & 'AC, 144/ 8.-ergd
reflang. AD=10 44/ 200=0P3. quare OP -
ol 4/; 1044/ 200, . S

Yoo X2 PR.‘!‘J.
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Prer, LX,

Si Satium . AD cortimeatmr fob ratiomali AB,
"¢ ex bink nominibus fexta AC ( AE+EC );
velta linea OP Spatium AD potens, irvationalis
< eft, gua bima media potens appellatur.

Ut {pe prius, OMq ‘. MPq. & OMg-
. MPgeft ur. & reftang. (EK ) OMP etiam
© a4t 10, ur-2trgd OP=y/ AD cft potens 2 pa. Q.E.D.

. - In wumers, (t AB, §. AC, 4/ 12 4/8; er~
g0 reQang 'AD, vel OPqeft i/ 300 + 4/ 302,
proinde OP eft 4/: 4/ 3004 4/ 200. .

-

LEMMA.
Sit vefta A B
B N inaqualiter  feita
D in C, sitque AC
) FI M majus [egmen uiis
C & cuivis DE ap-
plicentur veéf.angu-
i ls, DF=ABq, &
A‘E : BK N & DH=ACq, &

_ . . IK = Cpq. sit-
ZEWFLG bifeta inM , ducatiiique MN, pirall .
 Dico. Rekln_(. ACB = LN, vel MF-

’4’.&3‘?Nm2ACB=LF. »

ax. 17 2. DL = LG. nam DK (ACy + CB4)
72 b LF(2 ACB) ergd cim DK, LF fint 2~
c 1.6, qué alca, cerit DL —~ LG, ' '

d 16. 10, ‘3. 51 AC 3~ CB, ¢ crit reflang. DK 1.

- ACq, &CBq.
] 4. kem, DL'Q. LG, nam ACq —+ CByg
e lem. 26,10, ¢ T 2 ACB : hoceft DK “11. LF. fed DK,
fi10.20. LFc:: DL.LG. fargo DLt LG.

s. Adbec DL 3. / DLq . LGq. Nam
gr & ACG ACB ¥:: ACD. CBq, hot eft DH
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IN:LN. IKicquare QL LM :: LM. IL. ¥ °
he1gd DI x IL = LMq. ergd cum ACq* 3. k r7. 6,
CBq. hoceft DH 11 IK, &!proinde DI | 1:.'19. '
Ik, meric DL 4/ DLq —LGq. Q:E. D. m 1810/,

6. Sin penatur ACq . CBq, *erit BL 'xg. 1 19: 10
¥ DLq<LGg ‘ﬁab‘u 6 e
Hac {semm prapayntioms vicem po 6 fe-
et propofrionibus. - IR

. Pror. TXL i
 RQuadratum e x bimss mminibus { AQ
- CB) ad maefnaerE applicatum o facit la=
titudiners DG ex biais saminibus primam.

Suppofitis iis, quz in lemmate proximé ante- .
cedenti defcripra & demonflrata funt, Quoni- o by
am AC, CB * funt § T}-, beritre@ang, DK b fymée.1e;
T ACq; cergd DKeft jr. dergd DL 1L s feb. 12,10,
DE j. re@ang, verd ACB, idedque 3 ACB ::: '
(LF) ¢ eft wur. F ergd latitudo LG el § “IL 24. 10,
DE. § ergd ctiam DL g} LG, bitem DL 1. £ i e
& DLq — LGq. ex quibus, & {equitar DG R iem.60.00
Cﬁbin. lo‘Q'E-' Dv . k1 "f'

. ) 48,10,
Prop, LXIIL ~

(AC—+CB) ad rationdiem DE applicawm fee .

Gt latitkdinem DG ex bisis mexkaiom [eown-

dan, .
Rurfus adbibito lemmate proximé prace- .

denti; Refiang. DK TLACY. *ergd DK e b a1, 1o,
per. bergd latitudo DK eft {0l DE. Quia ve- € B &

b 12. 10,
ro reftang. ACB, idedque LF (2 ACB) {l" g
ceft jr, erit LG; 1 DE.c¢eupd DL, e 13. 10.
LG funt ‘0. € jrem DL TL 4 DLy — g% forer
LGq. ¢ & quibus patet DG efk bin. 3. Q. 48,10,
B.D. X3 Prop, .



384 BEUCLIDIS -Elewentorsm

Pror. LXIII.

" Ruadrstum ejus , qum ex binis medis fecunda
(AC ~-CB),ad vatienalem DE applicatun , fa-
&t latitudinem DG ex binis nominiboss tertiam.

Ut in preced. DL eft § 0. DE. porto quia
. 'JP' & 34 reltang. ACB , idedqae LF (3 ACB) * &
Ny 33710, M7 Perit LG p'TL DE. < quineriam DL 1T

€ lem.6o.10, LG. ¢ itémque DL -0 o/ DLq — LGy, dcr- |

:‘; ef gaDGeﬁbxn_S QE. D.

Prer., LX1IV."

Ruadvatum Majoris } AC + CB) adratia

- - malems DE applicatum , facit latitudinems DG ex
binis nominib1s quartam.

2 byp-& fehe R rfus ACq - Cnq, hoc eft BK 2 eft 5.

2% 1% . bergd DL eft L DE. #sm ACB, idedque
;zb,p.a_; LF (2ACB) ceft ur. dergd LGeft g
3%1%,.. DE. ¢ proinde etiam DL ‘T LG. denigue
(N 12a'AC £ ori . - - em
:l:;-::.xo. quia'AC "g, BC, f erit DL 't DLq.

g £.df.  LGq.Sunde DG.cft bin."q.. Q E“.' D,

8. 10,
etee Proer. LXV.

uadiatume ejus, que yationale ac wediun p
kﬂ A€ —+ CB ), «d rationsiem DE app'ica-

um., facit latitudinem DG ex binis aeminsbus j‘

qmtm
2313 10, Tteum, DK cﬂ:yv. 1ergd DLeft % 3.
2 :; fo.  DE. item LF eft ‘pr. »ergd LG eﬁ ? T DE:

d l(ﬂ'll‘?;lo cerngL"n_LG djtem DL, ‘E-J DLq_~
€ 5. defs _LGgq.* promdc DGeftbin. 5,

48.10,
Prer.. LXVI.

Luadratum ejus , que bina media poteft (AC
~ CB), ad ratiosalems DB applicatam , facl: latie
wdinen DG ¢x binie pominibus fmn- .

814



, Liber Xx.. s
Ut prids, DL, & LG funt § “r1 DE:
Qua verd ACq —+ CBg (DK) 3 “n.ACB ; byp.
bidedque DK T LF (2 ACB) éftque DK. c :4‘"'

- LFe:DL.LG.rit DL "13. LG. e denique d ro.1o.

- Di'm ¢ DLy LGq £ ex quibus liquet § orn
DG efle bin. 6. Q E. D 43, 10,
{  LEMMA4 )
c . Ae——ele—cC
D . ’; —~ P ]
B .

Sine AB, DE by = B ﬁthueAB DB :: AC.

DF.

Dico 1. ACTL DE.w patet ex 16, 10,

wem CB 13- FE. * quia AB.DE ;s CB,FE. 2 19. %
2. AC. CB:: DF. FE. Nam AC. DF ::

AB. DE :: CB. FR. ergd permutando AC.

CB: DF, FR.

3. Reftang. ACB 11 DFE. Nam ACq.
ACB*:: AC.Cp*:: DF.EF :: DFq. DFK. b 1.
are pcrmutando ACq..DFq:: ACB. DFE, ¢ p-f:.
ergd cim ACq - DFq, 4 erit ACB “13. 4 10,10,
DFE.

4 ACq —+ CBq . DFq-+ FEq. Nam-
wia ACq, CBq *:: DFq FRq. erit componen~
b ACq ~ CBy CBq:: DFq « FEQ.FEq er- € 23. 6,
‘ g‘“m CB3 13- FRq,f erit ACq~+ CBq T £ 10, 10
Fq - FEq. .
- 4. Hinc, ﬁAC )Tcl“g.CB, Seritpa- § 10010,

utcr DE T vel "9- £Fi

X4+  Froerg
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- . - Pzer. LXVIL

. y 3 bema | : Ei, que e
g D <. x bink }
o ) . {AC-#CBY),

g imineding come

menfurdbilis DB , & i gx bisis, nonsnibs
azque ordine eadem. : '
Fac AB. DB :: A€.DF. 2 funt AC, DF
a leméé.1e, T3 * & CB, FE 1. quare cum AC, & CB

b byp. - b fing 'p-gp,ccmt DF, FE 'p'g,_ ego DE

lem.66.v0, ) :
& St o1, €k &iam bin, Quis verd AC. CB* ::DF.

FE. Si ACTL., vl ‘T3 v ACq — BCy.

4 15. 0. *atiam fimiliter DF @, vel 't/ DFq ~
:4‘ nre & FRq, item i AC T, vel "I 'p expof. ¢ erit 6o
o milicer DF 7L, vel “12."p expof. at ft CB 1L

vel “T3. %p ¢ erit pariter FE 7L vel *T. " Si
£ 14.10.  verd utraque AC, CB T ‘p, ferit utragsethm

g Perdef.  DE, FE “T. '8 Hoc eft quodoungue bino-
4818 o fock AB, etk DE cjuldem ocdisis
 QE D _ S
. Pror. LXVIIL
" Ei,\gua ex binis mediis (AC —+ CB), lm-
tydint commenfirabiln DE, & ipfaex biis medis
eft, atq; ordine eadem, _
a 1.6 *Fix AB.DE :: AC. DF.jpergd AC 1L
b lom. 68.19. DE, & CB 3. FE. ergd cim AC .& CB

< b ¢fint p. detiam DF , & FE erunt g &cim -

{iiie AC<T.CB, eitFD T FE. feyo DE
£38. 10, eft 24 St igitur re@ang. ACB fit v, quit
; fh.12.10. DFR b 71 ACB, $etiam DFE eft ‘p; &

k 36,vel  illnd s, hoc etiam exit . *1d et , fiveAB

3910, fit bimed. 1, five bimed. 2, ¢rit DF ejufdem or-
_ dimis, QE'D. .

Prop.
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Pno,p_. LXIX . .

i — 3 Mejeri (AC
W —— 1 2 ~ CB ) commen-
’ LR [urabilis DE 5 &

ipfa Major e,

. o N
Fac AB. PE :: AC. DE, Quoniam AC _

Q- CB, ¥ crir DF ‘G- FE.iten ACq 2 b3
" €Bq* e 'os; proinde cim DFq— FEq® 3. b lom 6610
. kCq—+ €Bq; < etiam DFq—+ FEqeft ‘pr. de- ¢ /. 12,10,
- MquereGtang, ACB 2eft ur. 4 ergd reang, d 24. 1o,

i DFEcft up. (quia DFR »"0. ACB) € Quate ¢ 40. 10,

- DE eft major Q_._E.‘D. ) o

Proer, LXX.
. Ratiopdlz ac medium poremi (AC + €B)
. Wemenfuiabilis DE. & ipfu rasionale ac mediium
T patens eff,
E I"_llat&_‘-rum- fac AB. DE:: AC. DF. Quia AC by
o CB; betiam DF ‘TJ- FE. item quia 2 b .
: ACq— CBq *eft ur, © erit DFq — FBq ur. E\Izeznf::“"
denique quia re®ang. ACE * eft pn detiem d fib. 12,10,
DEE eft ‘¢n. ¢ ergo DR cft porens pr , ac ur. ¢ 41,106
QE. D T

PROP. L XXI.

‘ - Bina media_potentd

L

e S} menfwdiilis DE, &
E * ipfa bina media piiens
el '

- Divide DE, ut in prazced, Quis ACq* L 2 l;)'p.“ '

- CBy, berit DFq"M- FEq. item quia ACq ® "™ »10,

. +CBy2eftuy; Seric DEQ & Fictiamur. ¢ 24,10,

;:rixércjue quin ACB 2 eft pv, detian DFE et g 24,10,
w. denique quia ACq —+ CBq - ACB,

¢ crit
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€ 1410,
f 43, 10,

a or. 16, 6,

b 2. ax. 1,
¢ 21,10,
\

d 23. 10,
¢ 13. 10,
f 37. 10,
I. 6.
1. def.
A1, 10,
k 55. 10,
"1 4 def.
48. 10,
m §58. 10.

n 2, def.
48, (e,

o §é.10,
P Y defl
48. 10,

q 59. ve,

-

EVCLIDIS Elewenornm
¢ eric DFq+FEq “r0 DFE.f ¢ quibus fequituc
DE effe potentem 2 . .

_ Pror, LXXIL _ )
e W S5 vatiomale
1 A, medivn
I B compoin-

o twr , quator

trratonales fi-

o wat;vel ea jue

: 1 e Gbnis noini-
E 1 mbus velqne
“ex bimis mmediss

rima, ugl majer, vel vatisnale ac medium porevs.
g N;:fiui:]ﬁ Hq=A B, ecii Huna 4 line-
arum, quas theorema defignaz. Nam ad CD
expofitam ‘p , * fiat retang. CE = A; item F1
=B; ®idedqué CI == Hq. Quoniam igitur A
eft ¢y, ‘etiam CE cft "¢y, €ergo laitudo CF
eft ?. T CD. & quia B cft oy, erit FI e
dergo FK et p "1 CD. cergs CF, FK {uat
‘e ‘G- Tota igitur CKf eft bin. Si igicur A
- B,boceft CE—FI, serit CF ! FK. cr-
gofi CF .4/ CFq~ FKq, ®e¢rit CK bin,
1. & proinde Ho=y/ Cl¥ecft bin. Sj ponatur
CF1. ¢/ CFqg — FKq, leit CK bin. 4.
quare H (4/ CI) ™ cft major. Si: A -1 B;
serit CF -2 FK; proinde i FK T4/ FKq —
CFq. "erit CK bin, 2. * quare H ¢t 2 g pri-
ma. denique i FK' T/ FKq—-.Clq, »erit
CK bin, 5. 1unde H erit potens ‘pr, ac uvs

QE. D.

Pngr;
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Prer, LXXI1IL

‘ Si dus wme-
, C F K diz A, Binter
——— | Je incominerfiu-
g ' rabilia comipe-
A ‘3‘ ' nanter, di.ve- :
: lque irvationa- .
l I les frunt, vel ex -
X L-...-—YJ binis medis fe= S

0 E Y cunda;vel bina
media potens.

Nempe H potens A 4+ Beft una diarum
irrationalium. Nam ad CD expof. ‘s, fac re-
ang, Ci= A, & FI=B. unde Hq=CI.
Quontam igitur CE , & FI 2 {unt 1z, ®erune 2 b
liudines CF, FK @ CD. item quia CE ©,23: 1%
"W FI; étque CE. F1¢:: CF. X, derit d'ro. 10,
CF T FK. ¢ ergd CK cft bin 3. nempe, fi :o.s’d‘f‘ &,
CFo y CFq—FKq. unde H = 4/ CI £ 57. vo.
feric 2 223, Siavers CF ‘T o/ CFqm EKq, 8,5 4F «
verit CK bin,6, & » proinde H cft potens 2 uet h 6o. 100
Q E. D. :

Principium Senariorum per
© detraltionem.

+Propr. LXXIV.

——————— 8§} rationali DF rationa~

b E F L DE auferatwr poteitid tan=

tum commerfuiabilis cxiflci s toti DF @ veliqua BF ;’;"m‘-‘ .

iiational’s oft; vorelur cutows apsiome. c I’D' & 1.
Nam EF;? ‘m. DEq; fed DEq b eﬁ’”- def. 10,

fergo EF. ft ¢, Q. E. D. )

L2 wameris, fit D, s DE,4/ 3. BF erit2—

v "Pror.



346  EUCLIDIS Elemewiorsm -
Pror, LXXV.

4 B F  Siimedia DF mediaDE

anferatur 4 potentii bamtim
. commenfyrabilis exiffens roi DF y que cum tox
DF rationale contineat; veligua E¥ irrationalis eft;
- Vocetur autem medie apotome prima.
;{;: 610,  Nam EFq * ‘T, re@tang. FDE. ergd cim
¢ 30. & 11> FDE b fit"gy, cerit EF ’p. Q, E. D.
def. 10, Innumerisy (it DF 14f 54, & DEg/ 24. crg®
BFcll iy 54 — 14/ 24.

Pror, LXXVI.
» R F  SiimediaDF mediaDE
, ) auferatny 5 potemid -tamtwm
commenfirabilis exiftens toti DF | que cam ‘ora
- DF mediwm contineat, velique EF irvationalis eft:
T wosetuy autem madie apotome [ecnnda, i
:"1’)'?- _ Quia DEBq, & DEq * funt pua “I1.,
16,10, - I ) .
¢ 24,10, D erit DFq + DEq 1.DEgq. € quare DFq
—+ DEgeft uv. item reftang. FDE, ©idedque
d e 7.3 2FDE? eftyr. ergd EFq( 4DFq e DEq
€27.1% 3 FDE)eeft pp.quare EF it o, Q_E. D.
In i nerss, fit DF, uy/ 18 5 & DE, vq/ 8, erit
EF /18 —vy/8.
Prop, LXXVIL
———— i drectalinee AC rella
A 3 C awferatur AB puicnsid incor-
menfurabilis exiftens 10:i BC , quat cum teta AC
facia: compofituin quidem ex 1pfavwm qaadvatis rae
vionale, qued autem fub ipfis continetur medium, ic-
. bgsa b Cirrationslis eft, vocctis autem minor.
byp. Nam Acq —+ ABq?cft pv- ar reétang. ACB
fibo 131003 eft e b oerzd 2 CAB *, ACq — ABg
72 (2¢CA2 % £Cq); dergd ALq—+ Alq ‘T
L

7. 10.

t.defao, BCq.¢ergo Celt’p ‘Q. E. D4 .

a
b
c
d
<

Is

I
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. Inwoneris, fit KC, 4/: 18. 44/ 108, AB4/: 8
18— 4/ 108, erg0 BCeft4fs 18 4+ 4/ : 108,
o 18 — o/ 108,

. Paor. LXXVIIL -
i i reffalinea DF re-
Gaauferatuy 3 potentid
incommenfurabilis exiftens tots DF , ¢ cam tota
DF faciar compofitum quidem exipf .3 quadratis
medium, quod autem [ub 1pfis continetur, vationales
reliqua BF irrationalis eft: vocernr autem cum ratie
suals medium totum efficiens, ' ‘ .
Nam ‘2 FDE *cft "pr. » & DFq 4 DEq eft abp- &/th.s
ur. cergd 2 FDE T DFq+ DEQ ¢ (2 FDE % %
-+ EEq) ¢ erié, EFeft’s. Q_E. D. c jb‘ft.-xz.w.
In mumeris 6t DFE , of:14f 216 4/ 72. DE, 473 ~
ViV 26—y 72.crgd BF clt /1 yf 016 4 § /01000
V7I—V: V116—V7lo . ’

‘Pror. LXXIX. .
§i & veffa DF reila qu-
,?--—-u feratur DE, potentid incom=
. : menfurabilss exiflens toti QF,
que cum toia faciat & compofitum ex ipfavwh qua-
dyatis, mediam; & quod [ubipfis continetsi , me=
dium 5 incommenfirabiléque compofitoex quadvatis
spfarwns, reliqua irvationalis eft : uocetur autens cum
medio medium totum efficiens. ‘ '
Nam 2 FDE, & DFq — DEq? funt_ua; 2 bp &4
bergd EFq (< DFq —+ DEq 3 FDE) eft'pr- 1%, 10,
fproinde EF eft . Q. E, D, . c cor.7. 3
Exempl. gr. fit DF, /: y 180. &4/ 60.DE, 4 11. defi19,
4/ 180 =4/ 60.EF erit o/ s 4/ 3800 y 6o
-y 180, my/bd - '

>Y : LE M-
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EYCLIDIS Elementornm

. LEeMoMA.
M G [—
B|— 1 D E F
. C He—

I

. Siidem fit exceffus inter rimam magniindinets

a by

b s5.ax 1.

a2, 10,

b 24. j0.
€ wr. 7. 3.

4 lem.79.10.
[ lhy. ’&
27.10.

f frn. ¥2.10,
§ 27,10

BG, & fecundam C (MG) qui intey tertiam ma-
gniudiné DF 0> auartam H(EF ) seric & wiciffin
sdem cxceflns inter primam magnitudinem BG , &
tertion DF 5 gni.imer fecundom C-, & quar-
tom H.

Nam quia ? #qualibus BM, DE adje& funt

-~ MG, EF 3 hoceft -C, H; erit exceflus totorum

BG,D F, b zqualis exceflui adjeCtorum C, H,
QE. D :

. Covoll, .
Hinc , quatuoc magnitadines Arithmeticé
proportionales, viciffim erunt Arithmeticé pro-
portionales, :

Pror. L X Xx :

B 1D C  dpotome AB wnatar-
R o= [ =1 tum congrit veita ligea

“vationalis B € potentid, tanthm commenfierabilss ¢x-

iftens toti AB,

Si fieri poteft, alia BD congruat. 2 ergd re-
Gangyla ACB, ADB;® idedq; corum dupla fune
pa.com igitur ACq +BCq—3ACB < =ABg
¢ = ADq—+ DBq — 2z ADB, ergd viciffim ACq
+B(q —t ADg+BDq¢= 2 ACB. —:2
ADB. Sed ACq+BCq —: ADg-+BDq ectt
‘or, f °1'g6 2 ACB == : 2 ADB it ‘P"
Q_E. A.

Pro?.
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- Pror, LXXXI
- e Medie Apstome
By - P € ime ABumatan-
tam congiuit veita linea media BC , potentid fo-
lim commenfurabilis exiffens toti, & cum tota
rationale contincns. T T .
Dic etiam BD congruere, igitar quoniam a gy,

- tam AGq, & BCq; quim ADq,"& BDq 2 funt b 16 & 24,

‘@ "TL. P etiam ACq + BCq, & ADq~ BDg

10,
c byp.

erunt ya.< fed re@angula ACB, ADB; 4adedq5 d fib. 1210,

2 ACB, & 2 ADBlunt ‘pa. tergd 2 ACB ¢ fib37.10,

—:2 ADB; fhoc et ACq—+ BCq—=: ADg {72 &
—~+BDqeft pr.8 QE.A.,

Pror. LXXXIL

A__}?____Q_P Mediz Apots.
| AL H__ M wefecunia AB
R T | una tamtim cox-
N grwit reéia linca
media BC , po-
teatid [olumcom-
menfusapilis exie
I fiens 1083, & cum
F'JI o T (Llota medium con-
. tinens,
Si ferd potelt, congruataliaBD. AdEF §
fant retang. EG = ACq -+ BCq; item re-
Gang. ELt = ADq .+ BDq. Item EI =
ABq. Jam2ACB + ABq=ACq+ BCq=
EG, ergd cimEl = ABq;;3erit KG = 23 441, &
ACB. porro ACq, & BCq b funt ua ‘T, gt
¢ Ergd EG (ACq—+ BCq ) efpy. 4 ergd la- o 7P .
titudo EH § ‘T BF. ¢ Quinetiim re@ang. d 23, yo.
ACB;fidedque 2 ACB (KG) eft p9. dergd e byp.
KH eit etiam p r1 EF. denique quia ACq—+ £ 24.10:
‘ BCq, id Cﬁ, EGs, T 2 ACB (KG) éftque Lm.26.13
Y. LG -

g 27.10,

m79.0, .
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h 16  EG. KG::% EH, KH & esit EH ‘. KH,

k 10.10. . R

1410, ergd EK eft aptome, cujus congruens KH. G
A milgi ergumento .erit KM cjufdem EX congru~

cas § contra 8o hujus, - :

Pror. LXX X1II,
e v e Minots AB, una tan'un
A B D C coguitreitalines (EC)
Potentid incommenfurabilis exifiens tati, & cum tota
Saciens compofieum quidems ex ipfarum qradvatis va=
tionale ; quod autem [ub ipfis continetur medium.
< b Puta aljum BD con%uere. Cum igitur ACq
b lem 97.10, ~+ BCq, & ADq —+ BDq?fint o, corum ex-
. ¢ fib.27,10, ceflus (37 ACB —t 3 ADB) ceft oy, 4Q.E. 43
4 37,10, quia ACB, & APB funt ua per hypoth,

Prer. LXXXIV,
e E;(AB 3 m
A s DC mtiam(li mZdiuZnu totum
facit, una tantim congruit vela linea BC, potentid
incommenfirabilis exiflem toti, & cum tota facicas
compofitum quidem ex ipfarkm quadyatis medium,

qued autem [ub ipfs continetur, rasionale.
a byp.. Dic sliam BD etiam congruere, * ergd re-
b jeb.12.10, Ganguia A° B, ADB. ® idedque s ACB, & 2
¢ lemys.ne, ADB funt fz, ergd 3 ACB —:2°ADB; ¢ hoc
d ﬁhﬂ.37-l° Cﬁ, Acq -+ ch - o ADq ey BDq deft P",
"TQ,B. At quum ACq «+ BCq,; & ADq .

- BDgfintpa perbypots,

. Drep
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Pror. LXXXV. L
A___B_¢ D B(A)qe

E K H ‘ clgn;medio med:-
i s tetum fucit -
¥nd Lantim con-
gruit vecta linea
- s | BC potentid in-
' | commenfurabilis-
exiftens toti; &
, 1 cum tora facicns
- G L & compofitumex
ipfarun quadratis mdinm, & qued [ub spfis conti-
netur, medium, incompunfurabiidque compoito ex
ipfarwm quadratis, L
Suppofitis iis que falta & ofténfa fint in 8 »
hujus; Liquet EH, & KH effe 5“1 EF. Porro
igitar quia- ACq + CBq, hoc eft> re@ang. EG-

245

13 ACB, b idedque EG":_:.'; ACB(KG) 2 kyp. ’
éfique EG. KG:: ‘EH. KHjerit EH . b |41

KH, éﬁb EK ft '?'gotome‘,‘cujus' congruehs
KH. Haud aliter ' KM eidem apotoma2 EK-
congruere oftendetur; contra 8o hujus-

Definitiones tertia.

Xpoiitd rationali, & apotomd, fi tota plus
potlit quam congruéns quadrato re& li-
nee (ibi longitudine commenlurabilis 3 S
. 1. Si quidem tora expofitz rationali longitu-
dine fir commenfurabilis, vocetur apotome pri-
ma, o
1. Siverd congruens expofite rationali lon-
gitudine fic- commenfurabilis, vocetur apotome
fecunda, s .o '

TIL Quéd fi nequetota, neque congruens:
expofiie rationali fit lengitudine commenfuras
biiss, vocetur apotome tertia,

o R € Rar-
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Rurfus i tota plus &?ﬁir quim congruens
© + quadrato reftz fibi longitudine incom-

. menfurdbilis; - - .
.. 1V, Si quidem tara expofitz rationali fit
longitudine commenfurabilis, vocetur apotome
Quartd, : ! : h
V. $i verd cohgruens expofitz rationalific
" longitudine commenfurabilis, vocetur apotome

nta. L P
V 1. Qadd i nieque tota neque congruens ex-
Eoﬁtz rationali fic longitudine commenfurabi-

" ks, vocetur apotome fexea, :

- Provp. EXXXVL '75 88: 893‘96)9l'

A..4 C..g B Invenie apstomen pri-.

—ares  ans, (¥chndam , ternan,
o qumiamquimam, fextam.

E

) P
- fubdutis minoribus bi-

. nomiorum nominibus €x majoribus. Exemp.
gre Sit 6 _‘.“/ 20, bin. 1. crit6_~/ 20, 2-
pot. 1. &c, Quare de tarum ihventione plura
repetere nihil eft necefie. :

e rengudim AC
. it vellangulnm
A D EGQE bt AbAD, pro

“ducarwt AD ad E, ¢

* biftcetur DR in F.sitgs

refang. AGE==FEq

_gia Al, DK, FH.
. Fiant verd qrtadratum
/1 P LM=tH; & qua-
( ¢y dratum NO = GI,
. porognmrdrqu NSR,

~ Dico primo re&an-
.. gul. Al =LM_.NO

RM =TOq. $Oq. uc
. patetexconfil, Secun-

Apotemz inveniuntur,

© compleantur vellan-

|
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Secundo, Reffoyg. DK = LO. Nam quiz
re&ancr. AGE *='FEq, b funt AG, FE, GE a conftr,
, € adwque AH,FI, Gl i ‘hoceﬁ LM, b 17.6.
FI NO .2 5 aqai LM LO NO¢ fanr = 5 € 5 6-

4 d fhzz 6.
ergd FI=¢ LO f=DK = § NM. o5,
Tertid, Hize;, AC = Al —DK — FI = f 36.1.
LM.&-NO LO _NM=TR. g 43. 5.,

Quantd, b Liguer DF, FE, DEcfleTl* & 16.10.
Quintd, §i AE T} DE, & AETL'y .

AEq—DEg, erunt AG, GB AE T, " ’3 to.
Scxtd, Item, quia AE ! 'T1 DE, ® erunt AE, Uiy

"FE “TL. ®ideoque AY, F1; boc Bﬂ,LM—g NO m 13. 10,

& LOfunt -, '
© Septimd. Item quia AG* 3. GE* esunt AH n 1.6 &

G1,boceff, IM,NO T, v,
OQ&avd, Sed quia AR TLDE, *orwnt FE> o 14, 10,

GE ‘11, »idedque reffang. F1 T G, hoc eff

LO T NO. guare cumLO.NO ?:: TS, p 2.6,

SO.1ewm TS, SOTL q to.r3.
Nono, Sin ponatur AE *Td. / AEq— DEq;

* erunt AG, GB, AE ‘13, " '9 0.

Decimo, £ Quare yeitang. AH, GI, hoc cft £176% ree
TO:;,Squ.mt"u. ' - lo. o

)
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' Prop, XCIL

- Sifpatium AC conti-
“; D _EG hum{P;ub rauonai AB,
) & Apetoma prima AD
‘(AB—=DE ); reclali=
nea TS fpatium AC pe-
) | ten!A,d ofl?eml ff.

' . ibe lemma pro-

B, C VIKHé,ximé antecedens P[m)

>

4 s przpamion; ad demon-
© ftrationem hujus, Igi-
T wrTS= 4 AC. icom
AG, GE, AR funt o,
. _ ergdcim AET1'ABf}
L 1 1e. | ‘erunt AG, & GE 1L
¢ 20°10. AR, cergd reftangula AH & GI, hoc et TOq
4 lem. gr.10 & SOq funt ja. ¢ item TO, SO funtf 1,
_ € 74. 3% - ¢ projnde TS eft apotome. Q. E. D.

Pror. XCIIIL

Vide Schems. preced.

8i [patium AC contineatur fiuh rationali AB, &
apotoma [ecanda AD ( AE — DE ) ; retfa linea
TS [patium AC potens; media cft apotome prima.
Rurfus juxta lemma antecedens, AG, GE,

abhp. . AE funt TL. cdm igitar AE *fit j “T1 AB

2 ab0S  berunt AE, GE etiam §'TL AB. © ergd et~

angula AH, GI, hoc eft TOq, SOq, funt pa;

d lemt. 7410 4 jtem TO g- 30. Denique quia DE ¢ T1.

¢ P e AB j. Ferit re@ang. DI, ejisque femiffis DK,

g 75.10, vel LO, hoc eft TOS jy 8 ¢ quibus fquitur
+ TS (yAC) cflemedizapot. 1. Q E. D.

- ' Pror,
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. Pror. . XCIV,
Vide idem. .
Si fpatium AC contineatur fub vationali AB, &
artoma tertia AD ( AR — DE); reéla linca
TS fpatium AC potens, medie eft apotome [e-
cinda. - - :

Utin prxcedeati TOy & SO funt p.. Quo-
niam igitur DB * eft 3 AB, Verit reang, | by

DI, cidedque DK; ‘vel TOS pr, dergd TS® 22, 1%,

= ¢/AC eft mediz apot. 2. QE.D. = § ‘7‘:‘ -
‘ Pror. XCV. ' '
Vide idem.

Si fratium A€ contineatur [up yationali AB;

o apotoma quarta KD ( AE . DE ) redla

diisea TS fpasium ACpotensyminos effe: -~ .. :
Rurfus TO * “g. SO. Quoniam igitur AE 2 tom, 91,10,

beft ;1. AB, cerit AL ( TO3 4+ SOy) ¢r l: f:f'm

atqui ut pritsreftang, TOS eft wy. dergd T3 ¢ .
=/ ACeftminor. QB. D, ot

. Pror. XCVEL. . . .. .
 Vide idem. ‘
. i fpatium AC contineatar [ub rationa’i AT,
. & apotama quinta AD (AE—~DE) ; recia.
linea TS [patimm ACpoiens, eft qua cum ratio-
nali medinus totum efficit. T )
Rurlus-enim TO G- SO, itaque chm AE
afirs ‘3. AB,Perit AL haceft TO34-30q 2 f,'P- -
’ ' 3 3,1c
pr. Sed prout i 93 re@ang. TOS et . <pro- [ ",
- inde TS =4/ AG eft qua cum v facit totum.
rr. QED. ‘ S '

Y 5 Prowm.
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B " Paor, XCVIL

Si fpatium AC coi-
- A . D_E GE ti;mt{t fub- vational
' AB, & aoloma fexta
AD ( AE — DE);
. vefia linea ‘XS fpatium
h ' AC polens 5 eft que
cum medio medinm te-

'BL‘ ch KHT o eficie,

P Trdem, ut fzpe pri-
T /9 i TO ‘:g. SO.item
Vo1 /)" wing8,TOq 450q
ks I et ur, rveQang. vero
o "1 TOScft gy, utin g4,
2 kmotao, . . » denig; TOq -+ SO
b 7340 . R TOS, bergs TS
= AC eft quz cum pyp ficit totum ur.
. .'Q' E‘ D.
. . LEMMA.
€ ar.16. 6, ) Ad velHi quame
‘ A C_ vis DE * applicen-
. G L

S ) tur veétang, DT =
ABy; & DH =
. ACq, ¢ IK =
| BCq, & fit GL
_ 4 j “bifelts in My du-
E > 7 kS géqufit MN pe-
Erit primo,Reffang, DK = ACq 4 BCqut

sonfbruitioindicat . : '

, .+ Secundd, Reffang, ACB = GN, vel MK,
;“"f’" Nam DK 2 :=ACq «+BCq = 2 ACD .
he ;: wx. 1 ABgvat ABq == DF. ergd GK e 2 ACB.
47 a1 &ip indeGN,vd MK=ACB.
¢ Tettio, Reffang. DIL == MLq. Nam quinx

" 4€3 ACB ¢:: ACB. ECq; boc cft Dy
Cy \CB: £C # Dt

S



: Liber X. 25T
MK :: MK. IK, eerit DI, ML : ML IL~
f ergo DIL :MLq £17.6. °
Quartd, St pomatur AC 13- BC,erit DK . "
ACq. Nam ACq + BCq (DK ) s g 16.100
ACq.”
tho, Item, DL 11 4/ DLq—~GLq.
Nam quia DH (ACq) T1.1K (BCq) terit h 18 10,
DI IL. kergo 4/ DLqu=GLg 13- DL. Kk 18. 10,
Scxtd, Iteyn DL ‘11 GL. Nam ACq —
BCq"tJ.‘ 2 ACBshoceft DK"D.. GK. mepa Ulem. 26 1o
go DL‘—B_GL ‘ m JG 1Q,
cert mo, Sin ponatur AC "g.BC neyrit DL n 1y, 0.
‘1 4/ DLq—-GLq,

Pror, XCVIIL

LQurdratii ax0-
A B""—- C toma AB(AC—
D G M1 WBC) ad ration:-

lem DE appiica-
tum 5 [acit latun~
dinem DG ap0:0-
men priman.
i ] Fac ut in
E F N H K lemmate proximé
‘ y przccdemx a s
Quoniam igitur AC, EC * funt § T »

on o7 lt'"

% erit DK (ACq .4.BCq) "‘CLACq, cego'e [cbn ro.

DK cft ¢ j28 ‘quare DL eft § I3 -U_DE ¢item i 2221 éco
reftang. GK (2 ACB) eﬁl" fergd GL eft § 24. 100

+y1. DE. tproinde DL ‘1. GL; hdequ 13. 500
0 GLq. *asgé DGeft apotome, & Lauidem §, ;62, i o.

prind (quia™AC BC, & prop: engDL k T4 1o
—n_»‘(DLq_GL;B-Q E.D. - (- def 55

2
m fomg7 1o

Pran,
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Pror. XCIX.
Vide Schemn [ubfequens.
vaturm media spoteme prime AB (AC—
BC) ad ratioaalem DB applicatum , facit latiti=
by dinem DG apotomen fecwndam.
Boiem sp10. Ranrfus ((uppofito lemmate prazcedenti) quia
¢ 14.10. AGC & BC *(unt s " cait DK (ACq -+

d 23. 10 pCq) <L ACq; ©quare DK cft ur. dergd
ew:.":'o.&fd DL eft ‘p'13. DE. ¢item GK (2 ACB) ot

Faroooo oy, fcrgoGLeﬁ p TL DE; s quare DL

< 53.10.

b fob.12.10. GL. ® Sed DLq 1 GLq. ¥ ergd DG cft apo-

;‘l’* 2 o, tome. quia verd DL '3 4/ DLq —- GL3,
n';" df} = erit DG spotome fecunda, QE‘D

85, 10,

R wadvatii me-
A.'—"'—’-bi—— od dt;ta’pmm‘e fe-
R ’ ; BC) ad rationa-
lem DE_appleca-
- ’ . tum, facit latitu-
! ‘ . l dinem DG ajolo-

e men tertiam.

. - ) F N HK Iterum DK
% 13 ivs *quare DL,
& k. zs 1a eft § "3 'DE. item GK ef'uy. *unde GL e
L:" & ‘T DE;vitem DK GK,, ‘quarc DL
4 feb. uuq. '-u' G ; s DLqT. GLq.* erg6 DG cft
r g" if.  apot. & quidern €32 8.quia DL T 4/ DLg.
5. 10, GLg. QE, D .
g- lem. 97,10, R ’
. ProP. Ch
Vids Schema. preced.
Rgpdvicuon minseis AR (AC—BC) ad ie=
LivsLline:



T T R ey

N
g
Wy

S Liber X.

tionalem DE applicatum, facit [aitudinem DG a=
potomen quartam, -

- Ut pritis, ACqu BCq, hoceft DKeft g5 .
3 erg6 DL eft j 0. DE. at re@ang, ACB, ide- 3 ::’-.w.
oque GK (2 ACB) * cft py, » quare GL eft§ b 33, 10,
‘T DE. cergd UL ‘T GL.4at DLq - € 13.10.!
GLaq.quia verd *ACq T BEq,*erit DL 1. & 4 121
+/ DLq — GL4: f ergé DG conditiones habet £ 4. def.
apotomz quartz. Q. E. D. 8. ro.

Pror. .CIL
Fide Schem. preced.

Ruadratumejus AB (AC —1BC), gqua cum
vationali medium totum efficit , ad vationalem DE
applicatum , facit latitudinem DG apotamcn guin-
tam. - :

Rurfus enim, DK eft v, > quare DL eft § 2 23. r0.
‘0. DE. item GK cft fy,> unde GL eft . 3. b 21- 10 -
DE. ¢ ergd DL GL,4fed DLq L GLq. § /3. 1310,
‘porré , DL ¢ ‘13 o/ DLq—GLq, ex quibus, £ "’"&'9,?-““
DG f et apot, quinta. Q_E. D.. o a,f'.o, T

 Pror. CIIL
" Vide Schema idems. )

Ruadratum ejus AB (AC —BC), qua twun
medio medium totwm efficit, ad s asionalems DE-ay-
plicatum , facit latitudinem DG apotomen [cxtam.
" Haud aliter, quim-antea, DK, & “3Kfunt ; 44 4,
pas * quare DL & GL font p 0 *L= . item b byp. & lem. :
- DK *' 12 GK; «quare DL T3 GL. ‘%rgé 37: 1% |
"DGeeft apot. ¥ clun igitur ACq ‘T3 BCq, ide- d 74.10..
5. LL W,y Dilq —GLg, & @it DG, § > &
apot,. fexta. Q_E. D,

R Daam.
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Proe, CIV.
A —er———. C  Reftrlizea DE ap0-
D B _g  teme AB(ACBC)
: B bongicu-line commenfisra-

bils 3 & ipfa apotee
we eff , arque erdine eadewm, :

L]
" LEMMA
$itAB.DE:: AC. DF. ¢~ AB 1L DE.
Dico AC +BCT1. DFE_. EF.
Nam AC. pC2:: DF.EF. ergd compo-
nende AC + BC. EC i: DF &+ EF. EF. €100
permutando AC+BC. DF + EF :: BC. EF.
a lem 6616, 2 at BC 11 EF.® ergd AC o+ BC T2 DF
b w.10.  _EF Q.E.D.
amné - *FacAB. DE :: AC. DF. bigitur AC
b kem. 503 BC TL.DF +EF, ergocim AC 4 BC <bi-

10, nomium fit, 4 erit DF+&F ¢jufdem ordinis bi-
:l"";'_ ro. nomium: ¢quare DF _ EF ejufdem ordinis
¢ Per defiri- apotome eft, cujus AC — BC. Q. E. D.

tiones ad 5. : B

10, : Pxor. CV. :
' - Refta linea DB medig on
A___B__C puome AB (AC_BC) .

. , sommeenfuyabilis 3 & itfa m-

D_-_.‘E_-“ F die apoteine eft, atqus ordine
eadem. , ‘

a12.6. . Iterum 2%ac AB, DE :: AC. DF. b quare

b lem #03. AC -+ BC T DF - EF. ¢ergo DF — EF

8. 10, c bimed. cjuldem ordinis , cujus AC —+BC.

d 75, &  4proinde & DF —EF mediz apotome erit o

g6. 10, jutdem claflis, cujus AC —BC..Q. E. D.

Frer,



. “Liber X.

Pror. CVI.
\ ' Redta linea
£, E_C o B jtiw
- ~ AB ( AC —
D L= ¥ BC) commesn-
- furabilis, & ip(a minor eft.

253

Fiat AB."DE:: AC. DF.# éftg; AC—+ BC 2 lom. 103,
“TL DF ~EF. atqui AC +BC > eft Major, p%
<ergd DF — EF quog; Major eft. 4% proinde € 65. 10.

DF s EF eft Minor, Q E. D.
Pror. CVIL
A . E € Reftalinta DE commmen.
. Jurabilis ¢ AB ( AC -
-————E—-F BC) qtte cum ravional: me-
b dium toiun efficit, O ipfa
cumrationdi medium tesum efficiens eft.
Nam ad modum precedentium oftendenus

d 77. 10

DF ~ EF effe potentem ‘py; & ur. 2 ergd DF— a 781

~ EF eft utdicitur. .
Prop. CVIIIL

A E c Relta linea DE come
; menfuiabilis et AB(AC—="

i —temsssdonsssn  PC) qusm 6m medio me-
D E F dium sorum effciz, o
ipfa cuns medio medium totum efficiens cff.
Nam, 2d normam przcedentium, crit BF ~

EF potens 2pz. ? ergd DF = EF eit ut in® 7930

Propof,

‘, zz Pno:pl‘
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Medio B 3
K raticnali A
Bdctialto, ve-
éta linea H,
que reliquin
JpatG A peteft,
uua ex dusbus
.y - rvationalibus
o - E X ft, velapoto-
231 ' o mips el ‘2;(1'710".
bk AdCDY,facre@ang CI= A+ D; & FI
:m‘jf{f. & = B. quare PCE i A (Hq) Q,‘on'lam igiur
€ 3110, C7beft sy cerit CK p T CD. fed quia FI teft
S iie et EK ' EL CD. unde CKTL FK
f 74 10" fergd CF eft apotome. Si jgirur €K 12 &/
%5' ,;f CKq - FKq, 8 erit CF apot, prima; b quare
b'g3.50. -~ CE (H) eft apotome. fin €K T 4/ CKq —
1;541 :‘f " FKgq, *erit CF apot. quinta.. & proinde H ( 4/
195 10. CE) !erit Minor. Q. E. D..’ o

" Pror. €X.
Vide Schem. praced. '

Ratitnali B 3 medio A — B detralfo; cli2 dis
“irrationdes Yunt , vel medi apstome prima , wil
; z“"é cum vasionals medism tosum efficiens. -
cnfy . Ad CD- expol.  fani reftang. CI = A
c 3310, . B3 & FI=:B, * unde CE = A =
d 2r.16.  Hq Quoniam igitur CL ® eft vy < ecit
< 13.10. g 5 T1 CD. fed quia FI beft oy, deric
g2 df, FK'pTLCD. cundeCKl FK.fergé CF

, a‘;;.o;m di,apor.sn:mpe.fccunda; iCKm / CKy

k 5. def.85. . EKq, dguare H (4 CE)' eftmedix apot. .

* prima. Sin vero-CK T/ CKq —FKq, ke-

rit CF apot..quinta;. & proinde H. (4, CE);
exis faciens wp cum jr. Q. B D.. Prome.

3

10.
lt”ul?n



_ vyerim f CK i ¢/ CKq—FKq, erit CF

>

Liber X.. 357
Pror. CXI.

Vide Schema idems.

Media B mears A — B detralto , qued fit ine
tommenfurabile to:s A — B; religue due irratioma-
les fiunt, vel media apetome fecunda 3 vel com =
dio medinm totum efficiens. ,
AdCDj fiant reQang. C1 =A . B; &
FI=B, *quare CE= A= Hq. Quoniam 2 3. &x. 1,
igitur CI eft ur. ® crit CK p Tl CD. codem b 23.10.
modo erit FK § *Q. CD. item quia CI <. § l;fof“m'
Fl, 4 erit CK ‘T3 FK; ¢ quare CF eltapoto- e 74. 10.!
me, frertia tcilicer, ACK TLyCKq — FKq, § 5 .
sunde H (4/ CE ) erit medie apor. fecunda. g 94, ‘59.‘ -
6. def.
:{:tﬁfexéa. kquare H erit faciens o cum s sk",;‘_”m
, \ ..
Pror. CXII :
A Apotome A non eft
F B E edem, que ex binis
B nominibus. .
’  Ad expof. BC §, .
: fiat re@aug. CD =
C _ Aq. Ergo ciim A fit _
— . apotome , 2 erit BD 2 8. 10,
apot. prima; ¢jus congruens it DE. * quare BB, b 74 '°
DE funt $ T}-. <& BE Tl BC. Vis Aefle ¢ ‘-lz'f-
bin. ergd BD eft bin. 1. ejus nomina fint BE . fo-
FD; sitque BF o ¥D; dergd BF, FD [unt L
-3 &BF ¢TI BC.ergd cimBC TLBE, g 1o
ferit BE T3 BF tergd BE - FBR. Bergs £ 13. 1
FF oft j.item quia BE ‘T DB, *erit FET 77 (o,
DE. !quare FD cft apotome, ! adeSque FD eft k 14. 10
f. fed oftenfa eft 5. que repugnant. ergd A male ! 74 1>
dicitur binomium, Q. E. D. : .
R Zz3z . Nomind

24d 3710,
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Nemina 13 . limearwms irvationalium inter
Je differamsinm.
‘1. Media
3. Ex binis nominibus, cujus € pecies
*3. Exbinis medils prime. :
4. Ex binis mediis de.
4. Major, ’ N
6. Rationale ac medium potens.
7. Bina media potens. .
8. Apotome, cujus etiam 6 fpecies..
9. Medix apotome prima.
10. Mediz apetome fecunda.
11. Minot, :
12. Cum rationsli medjum torum effi-
ciens, .
13. Cum medio medivm totum cfficiens,
. Cam latitudinum differentie avquant diffivea
Yias reitarum, quarwm quadrata funt applicata :d

_ wliquaws yationalem , sirque deypionfivatum in prace-

Bensibus, latitmdines qu oriuntut ex applicatioaihs

quadratoram baram 1 3 lineariom inter [o difeive,
Perfpické fequiter bas 13 lintasinter fediffciie.

Paor. CXIIL _

- —~ a1dratum

H_GC t.-: ] L) mi‘o%ln A ad

eam | gue cx

' . T binis nominibas

Y BC (BD +

. : ' DC) applica-

tum, latitud:-

nem facit apo-

tamen EC, (4~

: B o  jues nomina EH,

A « CH commen-

furabilia  fuat

sewizibus BD, Dy tjus, que ex binis nmimga




‘ Liber X, 259
& in eadem proportione (EH. BD :: CH. DC); ’
& adhec, apoteme EC qme fit 5 exndem babet or-

dinem, qucm ea BC, que ¢x binit nominibus. :
Ad DC minus nomen *fac re@ang. DF == 2 or. 16.6

Aq=BR. quare n€. CD »:: FC. CE. ergd b 14.6,
dividendo 8D, DC :: FE. EC. citm igitur BD

¢~ DC, derit FE g~ EC. fume EG =EC; : byp.
fidtque FG.GE :: BC. CH. Erunt EH , CH ¢ 45
nomina apotoma EC 5 quibus conveniunt ea,

quz in theoremate propofita funt. Nam com-
ponendo Fg. GBE. (EC):: EH. CH. ergd

FH EH ¢::BH, CH f:: FE. BC f:: BD. ¢ '12. 5"
DC. quarecom BD ¢ 4. DC, Berit EH E_ £ ’b’""“ :
€H ;& & FHq 11 EHq. ergd, quiza FHq g
EHq* :: FH, CH.¥erit FH . CH, 1ideég; k cor 20- 6
FC . CH.Porrd CDseft'p, & DF (Aq) - -

g cft 1,% ergd FC et ‘p . CD.quare orif CH = 3118
efts T CD.8 igitar EH CH funt ‘pac . tit g '
prits, © ergd EC eftapotome; cui congruit CH, 7
porré EH. CH f :: BD, DC, ided permutanda n fib. 12.1e¢
EH. BD :: CH. DC. pande quia CH LT 0 74 10,
DC,? crit EH <3 BD. quinimo pone BD "
 BDq.DCq; 4critided EH 1. 4/ EHq o
CH?. item fi BD 1. pexpof. erit BH TL ¢i- P 191
dem ;¢ hoc eft § BC fit bin. 1. terit ECapot, 3 151
Prima. Similiter § DC . ‘pexpol. “erit CH .
Tl eidem p, w hoc oft f; BC fit bin, 2, % etit ¢ 13, 10.
EC. apot. 2, &Ti hacbin, 3, illa erit apot. 3, { 1. defe
&c.Sin ED 11/ BDq—DCq, resit EH - 5 o,

+ EHg— CHag; fi igitur BC fit bin. 4, vel ¢, 85. 10. .

vel 6, erit EC fimiliter apot. 4, vel 5, vel 6. :8* :‘;f-

QE 1?‘ ’ . x 2 defs
85. 10.
Y 15. 100

Z'v 4 ‘ PROP- 4
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Pror. CX1V.

A - wadratum ra=
- F G ﬁo.&s A ad apo-
N |f tomen BC (B —
S § DC) appiicaiurm,
: C facit " latitudinem

\ BE eam, qua ex
binis nomisinibusscu-
jus nomim BE,
DL GE commen[ura-
: bilia fint aporoma
BC mominibas BD DC, & in eadem proporrione,
& adbuc, qua ex bini nominibis fir (BR) , eun-
dem habe: erdinem, quem ipfa apotome BC., -
aew16. 6 * Fac re8ang. DF — Aq; & BE. FE®::
bis.6. RG. GF. Quoniam igicur DF = Aq= CE,
€146, terit BD.BC :: BE. BF. ergd per converfio- |
- nem rationis 3D. CD «: BE. FE :: EG. GT i

d 59.5. - 4BG.EG. fed BD 1} CD. fergd BG
:.'l”.P'" GB. ergd quia BGq. GAg s:: BG. GF. berit
% . 6. BG T GF Widtdque BG T BF: porrd
h 10.10. BDeeftp, & re@ang. DF (Aq) ceft fr, ter-
Y cr.16. 10 03 BF eft 'p XL BD. ® ergd etam BG et ‘p 1.
m 13, 10. BD. *ergd BG, GEfunt ‘p"T].. ° quare BE
B [ib.13.19 ¢t bin. denique ‘igitar quia BD. CD :: BG.
© 3719 GF; & permurando BD. EG :: €D. GE 3 sitqs
p 18 10; BD T1 BG,? erit CDP 3. GE. ’Ctg(\) fiCBht
’ apot. prima 5 esit BR bin, 1. &¢. ut in antece~

denti. ergd, &, '

o o Pror.
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Pror». CXV..
E A S
G A
D >
2 .1
P x B , H

Si fpatium AB contineatwr fub apotema AC
(CE —AE), ¢ ea, qua ex binis nyminibus CB;
exjus nomina CD, DB commenfurabilia fint apoto-
ma nominibus CE, AR 5 & in eadems propertione
(CE.AE:: CD. DB.) ; rectalinea F fpatinm
AB potens, eft ratignalu. : )

Sit G quavis ‘p; & fiat re@ang, CH = Gq.

* erit igitur BH ((HI— 1B) apotome; & Ha 13145

.21 Cp* 1 CE. *& Bl W.DB; atque
HI. BI:: CD. DB b:i CE, EA, ercé permu-b byp.

tando HI. CB :: BL. EA. cergd BH. AC::e19. 5.

HI. CE::BLEA. ergdé cam HI 4 11 CE,d 13.10.
¢ 10.10.

cctit BH 01 AC. f ergd re@ang. HC Tf 6. & -
BA. Sed HC (Gq) beft pr. Sergd BA (Fq) to- 10
eft ‘pr. proinde Feft'e. Q. E. D,
: Coroll.
Rine, fieri poteft, ut fpatium rationale conti-
meatur fub duabus redtis irrationalibus. :

Pror, CXVI

‘> H . A media AR ﬁ-

] ¥nt infinita ivrati=

‘ l onales BE , BF,

- ) &c. & nulla alicus

C g witccedentivm  off
D _eadem,

Sit AC expof.
p. sitqug -

g [ih 13,108



262 EUCLIDIS Elemenmornm
em. 38,10, ‘. sitque AD fpatium {ub AC, AB. 2 ergd AD
;Fl’!". 13:. " cq-'t ’pv? Sume B‘;?. =4 AD.bergo BE cﬁg';,nu\li
prigrum eadem. nullum enim quadratum alicu-
jus priotum applicatam ad ‘p, latitudinem efficit
mediam. compleatur re@ang, DE ; 3 erit DE pr;
& *proinde EF _( 4/ DE) erit’p; & nulli prio-
_rum eadem. nullum enim priorum quadratum
ad § applicatum , [atitudinem efficit iplam BE.
ergo, &c. . :

Pror. €XVIIL

Propofitum [it nebis oftende-
v¢, In qualvatis figuris BD,
diametrum AC lateri AB ine
. commenfirabilens effe,

R 47. L Nam ACq. ABq?:: 12,
b or. 24.8. D ; Lol § I non Q. Q. ¢ ergd AC
L R ‘T AB.Q._E.D.
Celebratiffimum eft hoc theorema apud vete-
res philofoghos » aded ut qui hoc nefciret, eum
Plaro non Lominem effe, fed pecudem dicerez,

‘

LIB

)
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LIB. XI
Definitiones.

WROlidum eft, quod lengitudia

& nem, laritudinem, & craffitu-
dinem habet.

11. Solidi autem extres

SESSA Yy mum eft fuperficies.
‘ I11. Linca re@a eft ad
planum re&ta, ctim ad reCtas omnes lineas,3 qui-
bus illa tangitur , quzque in prepalito funt pla-
no, re&os angulos efhcit,

IV. rlanum ad planum re@tum eft, cim re-
&z linex, que communi planorum fe&ioniad
rettos angulos in uno plano ducuntur, alted
plano ad reQos (unt angulos. )

V. Re&z linez ad planum inclinatio eft,
cim a {ublimi termino re@ illius linex ad pla-
num “deducta fuerit perpendicularis; arque 4
pun&o quod pcrpcndicufatis in ipfo plano effe-
cerit, ad propofitz illins linez extremum, quod
in eodem eft plano, altera re@ta linea fuerit ad-
junéta; eft,inquam, angulus acutus infiftente li«
nea, & adjunéta comprehenus,

V 1. Planiad planum inclinatio, eft angnlus
acutus re&iz lineis contentus, qua in utroque
piznorum ad idem communis fettionis pun&um -
dufz, reftos cum fetione angulos efficiunt,

V 11. Planum ad planum fimiliter inclina.
tum effe dicitur, atque alterum ad alterum , cim
di&i inclinationum  anguli imter fe fuerint 2~
quales. i : : '

V 1171, Parallela plsna funr, quz interfe
fon conveniunt, .

I X. Similes folide fiourz fune, que fimili-
bus p'anis continentus, multitudine zqualibus.
T X, Ajeales & fumiles folidz figurz funt,

u x
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EUVCLIDIS Elementorum.

3:12 fimilibus planis malticudine, & magnitur
ine 2qualibus continentur,

X 1. Solidus anguluseft plurium quim dua-
rum linearum , qua fe murud contingunt, nec
in eadem funt fuperficie, ad omnes lincas inclis
natio.

Aliter,
" Solidus angulus eft , qui pluribus quim duo<
bus planis aggulis in eojcnf non cor?Egemibus
plano, fed ad unum pun&um conflitutis consi-
netur.

X 11 Pyramis eft figura folida, planis com«
prehenfa, quz ab uno plano ad unum pun&un
conftituuntur,

XIIY Prifma eft figura folida, quae planis
continetur, quorum adverfa duo funt & xqualia,
& fimilia , & parallela; alia verd parallelogram.
ma.

X 1V. Sphzra eft, quando femicirculi ma-
nente diametro, circumdu@us femicirculus in
feipfum rurfus revelvitur unde moveri cceperat,
circumafflumpta figura.

: * Covoll.

Hinc radii omnes 3 centro ad fuperficiem

fphara inter fe funt zquales.

X V. Azxis autcn fphzre, eft quiefcens illa
re@a linea, circum quam femicircolus conver-
titur, ’

X V1. Centrum fphzrz eftidem quod &
femicirculi.

X V1. Dismeter autem fphaerz , eftreda
guzdam'linea per centrum du@la, & utrinque

fpheera (uperficie terminara,

X V 111 Conuseft, quando reQanguli tri-
anguli manente uno latere corum, que circa re-
&um angulum, circumdu@um wiangulum ia fe-
ipfum rurfus revolvitur , upde moveri coeverat,
circamaffumpta figura, Acque fi quicfcens reCta

linea



N

Liber X1
linea 2qualis fit reliqu, qua circa reftum an.
gulum continerur , orthogonius erit conus : fi
verd minor, amblygonius: fi veré major, oxy-
onius,

' o265

-

% XIX. Axis autem coni , eft quiclcens illa

‘linea, ¢irca quam triangulum vertitur, -

X X. Bahs veri conteft circulus qui 3 cit-
cumdu®a reta linea defcribitur,

X X1. Cylindrus eft, quando refanguli
paraliclogranmi manente uno latere eorum, quae
circa reGtum angulum, circumdu@um paralleio-
grammum in (eiplum rurfus revolvitur , unde
ceeperat moveri, circumaffumpta figura. .

X XI1. Axisaucem cylindri, eft quielcens
fila re&alinea, circn1 quam parallelogrammum
convertitur, .

X X111, Bafes verd cylindri funt circuli 3
duobus adverfis lateribus , qua circumaguntur,
deferipti, o
. X XIV. Similes coni & cylindri funt, quo-
rum & axes, & bafium diamerri proportiona-
Ies (unt. ) . )

X X V. Cubuseft figura folida fub fex qua-~
dratis wequalibus contenta,

X X V1, Tetraedrum eft figura folida fub
quatuor triangulis ®qualibus & Juilateris con-
tenra. .

X X V1L O&acdrum eft figura folida fub
oQo triangulis zqualibs & aquilateris contenta.

X X V111, Dodecaedrum eft figura folida
fub duodecim pentagonis 2qualibus, & 2quils-
feris, & zquiangulis contenta. ,

" X X1X. Icofaedrum eft figura folida fub
viginti triangulis 2qualibus' & aquilateris con-
tenta, -

X X X. Parallelepipedum eft figura folida fex
fizuris quadrilateris, quarum quz ex adverfo

allelz f, atenta, . !
perallclz funt, cmtAaa XXXL Sa-
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X X X 1. Solida figura in folida figura dicie
tur inferibi, quando omnes anguli figurz infcri-
~ ptz conftitunntur vel in angulis, vel in lateri-
bus , vel denique in planis figur2 , cui infri-
b].rur' :
X X X1T. Solida fgura folide figura vi-
ciflim circumcribi dicitur , quando vel anguli,

vel latera, vel denique plana Sgurze circumicri-
ptz tangunt omnes uggnfos fgurz, circum quam
écfcribitur, .
: Pro?. L
Relte linea pars quas
i » - dam AC non eﬁtf; Jubyeds
A Planoy quadam weré CL in

P bimi.
E Producatur AC in {ub-
L jeGo plano ufque ad F,
vis CB efle in dire@um ipfi ACsergd duze re@tz
AB, AF habeat commune fegmentum AC,
2 10.74x. 1, IQFE. N, :

Pror. 1L
Sidua vella linca AB,

b B cp Jemuiud fecent, in u-
F x0 funt plano : atgwe tyie
~” B ~ angulum omne DEB in um

A eﬂ Pllﬂou o

, Putaenim trianguli DEB partem EFG effe

inuno plano, partem verd F!/GB in alcero,

orgo recte ED pars BF eft in fubje&o plano,

- pars verd FD in fublimi,* Q. E. A. ergd trian-
gulum EDB inuno eft plano, preinde & redtz

a e.a1.  ED,EB,*quare &totz AB, DC inunoplano

' exiftunt, Q E.D,

Prop,



v . . Prop. IIL o
A Si duo plana AB, CD

= V femutm} [ecent y communis
| E e corvm fectio EF eft velta
’ ol linea. .

$i KF communis fe&io -
nion eft re@a linea , * ducatur in plano ABre@a & 1. poft. 1,
‘BGF,* & in plano:CD're&a EHE. du igitur .
re&z EGE,EHE claudunt (patium. * Q. E. A, ¥ 14. 4z 3,

Paor, ' IV.
8i relta linea BY rellis
: diabus lineis A8, CD fe
TN ¢ 7 s o
B fecsione reclos angts
\V los iufiftat : illadulto eugm
J AN, per /s plane ACBD ad
= " angnles: vectos erit. -
T Accipe BA, EC, EB,
n - EDxzquales, & junge re-
- - —-—IB &gAC,CB, BD, AD,
per B ducatur quavis re@a GH 3 jungantiirque
FA, FC, ED, Fp, FG, FH. Quoniam AE
*=EBj & DB *=EC; &ang. AED+=1 @
CEB, ¢erit AD = CB, ¢ paritérque AC =, 4 1"
DB, dergo AD, parall, CB. 4& AC parall. d fob. 34 16
DB. equare ang. GAE = EBH. ¢ & ang.. 3.1,
AGE=EHB.fed & AE f=EB#ergd Gif confir.
= EH, & 3 AG == BH.quare ob angulos retos, § 2¢. 1.
ex hyp. & proinde paresad B, b bafes FA,FC, h 4. r.
F8, FD ®quantur. Triangula igitur ADF,
FBC fibi mutué zquilatera funt, *quareang. k 8.1,
DAF = CBF. crgd in triangulis AGF, ¥3H ,
latera FG, FH Yzquantur§ & proindeetiam I 4. 7.
triangula FEG, FEH fibi mutud 2quilatera
funt. ™ ergd anguli FEG, FEH 2quales ac g 4.
B properca 1c&i funt. Eodem modo FE Cumn 1o.&f. L
o Az omaibus -

(A-

B

G
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EVCLIDIS Elementorsm
omnibus in plano ADBC per E du&is re@is

* 3. defi 1. lineis re&tos angulos conftituit o, idedque eidem

planore@tacf.” Q. E. D.

) Prer. V. .
B - Siveltalinea AB volbis tii-
i l bus lineis AC, AD , AE fe

-

. A‘Fv - g fangentibne in communi

a 2.1

b ;.u.i

wp
-
3

oA
B
=

a byp
b confle,
c 41

43 1.

£ 5. 11,
£ 201,

A G [eltione ad rectos angwlos infi-
D [fat; ile tres veGainuno (um
< ,[d)l‘.

.. Nam AC, AD 2fun:in
uno plano FC. * item A D, AE funt in uno pl-

.no BE. vis diverfa effe hzc plana; fit igitur eo-
rum interfeltio brefta AG. Quontam. igitur
_BA ex hypoth. perpendicudaris eft relis AC,
.AD, eadem ¢ plano FC; 4 idedq; re&ae AG per-
. pendicularis eft.ergd (fiquidem & * AB eft in co-

dem cum AG,AE plano)-anguli BAG,BAE re-
Ri,& proinde pares funt, pars & togm, Q.E.A.
“Pzer. VI. -

T cL . Sidua roéle linze AB
B_ AN - DC cidem plans EF a;'u:

E1 Aﬁn . €los (ins angules 3 paralele
G

. evunt ille refle lnte AB,
DC.

e tF Ducatur AD,cuiin pla-

no BF perpendicularis it DG = AB; jungan-

tirq; B, BG, AG. Quiain triargulis BAD,

- ADGanguli DAB. ADG # re@i iunt 5 atque

ABY»=DG, & ADcommunis cft, ¢ erit BD
= AG;j quare in triangulis AGB , 1GD fibi
mutrd equilaieiis ang. BAG 4= BDG; quo-

* rom BAG re&us cam hit, erit BDG etian re-

€tus. atqui ang. GDC reftus panitus ergo re-

.f,,éfta_ GDuzibus DA, DB, CD refta cft; ¢ que

ided in uno funt plano; fin quo AB cxiftis;
3 ' cum

V>
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¢im igitur AB, & CD fintin uno plano, & an~
guli interni BAD, CDA rei fint, Serunt ABy g 28. 1.
CD parsllele, Q B.D. ~ . .

. Prer. VIL
e - B ;BE.  Sidua fint prvallela recte
. -linea AB, €D, inquarurs

utraque fumpta fint qualiber
: G puniia By F 5 illalinea EF, -
< que ad hac punita adpungi-

FE ® tury in eodem eft cum parailo-
s plare ABCD. < Co

Planum inquo AB, CD fecet aliud planum-
per punéta E, F. fijam BF non cft in pluno
ABCD, illa communis {e&io nonerit. Sit er-
g0 EGF.  hac igitur rea eft linca. duz ergd a 3,11
retz EF, EGF (patium clandunt . Q. E. A, b 14.ax. 5

Propr, VIIL

. Si due fint parallele ve-
B \ c ’ fie linew AB, CD, qua-
EN ol ‘vyum altera AB ad roitos
B " cusdam plane BY-fit anguloss
¢ veliqéa €D eidem pla-
g BE ad reffos angules
. evit, ) T
Adfcitd preparatione & demanfiratione fe-
Xtz hujus § anguli GDA, & GDB redi funt,
2 ergd GD re@acht plano per AD,DB (*in quo 2 4- £ 1
etiam AB, €D cxiKum: ). €ergd GD ipli CD i’ A
eft perpendicularis; atquiang. CDA etiam dre- g 591,
Quaeft. ¢ ergd CD plano EF reQaclt, Q.E-Die 4ree

’

[ -
)

Aaj Pno_g. ‘
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a 4.11,

b8 1y,
<6 11,

s by &
cantjir,

b 331,
C 1.azx, 1,
& 30. &,
d 33,1,
€ &1,

EVCLIDIS Elementorsm
P”".Q;p (AB,CD) ciden
¢
A""‘"‘—‘ g rdelince Ef‘ﬁmmlu
e , [ed non in eodem cum

C I O llapiaew, ba queg; funtin-
Yy fe paratiele.

In plano parailclamm.ln EF duc HG per--
pendicularem ad EF. item in Flano parallelarum
EF, CD duc 1G perpendicularem ad EE. 3 er-
g0 EG re@acht plano per HG , GI; eidémque
plano ® reQa funt AH, & ClLe ergd AH , &
CI parallelz funt. Q.E.D,

Pror.. X.

§i dwe r28a linew AB, AC [z
A ) s angentes ad duns vellas ED,

DF fe mmﬁ tangentes fint payalie-
lc,mmtmm eodem plano, slie an-
gules amales (BAC EDF) com-
trebendent,

Sint AB, AC, DE, DF aequa-

lesinterfe, & ducamur AD,BC,

EF, BE, ’CF. Cam AB > DE

2 fine allelae & zquales , Petiam BR, AD
parall ﬁm:, & zquales. Eodem modo CF,
arallclz funt, & zquales. <ergd etiam BE,
F parallelz & zquales, Equantur ergd
BC !.F. Cam igitur triangula BAC, EDF
fibi mutu6 xquilatera ﬁnz anguh BAC EDF

¢ zquales erunt, Q E. D ‘

Pror. Xl’.ﬂ
o Adate A in fub-
X4 H  Gimi ad Lreium pimn
: BC perpendicularem  ves
L] " 6tam lineam AT ducere,

G E L 4: In plano BC duc

. quamvis DE , ad quam

C‘A dduc pcrgendxcukrcm AF,ad candem per

Ein
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F in plano BC b duc normalem FH.tumad FH a 12,1,
» demitte perpendicularen AL erit Al reta y -
plano BC. -

Nam per 1¢ duc KIL parsll, DE. Quia DE _ ,,
dreQacft ad AF, & FH,¢erit DE recta plano d corfir.
IFA; adedque & KL eidem plano £ reftu eft. ¢ 4. 11
% erzo ang. KIA re@us eft. atqui ang. ATF f 8 11,

.
eriam dre@us eft. Yergd Al plano BC refta Z}'”',;fz_‘ "

gft. Q.RB.D. 7 RYIRTH
- Propr. XIT,
) Dato plano BC & punlio:
. B A, quod in illo datum ¢jt , od
rectos amylos veltam liscam

¢ AF excuare. .
A quovis extra planum
punéto D *duc DE ream plano BC; & jun@a a 11.11..
EA%duic AF puall. DE. ¢ perfpicuum ¢t AF b 31 1
plano BC re@am efie. Q.E.F, €8 1aey
Pralticé perficiuntur hoc, & pracedens pro-
blema, fi duz normz ad datum pun@um appli-
Centur, Ut patet €x 4, 11,

Pror, XII1,

F . DE Dato plaio AB, i pune
. A &o D, quodinille datn
ety due veile linee CD,
M T CE ad reftos anaulos
non excitabuptury ab ea-

dem parte, .

Nam utraqu¢ CD, CE plano AB* refaef. 5 6, 114

fet, ezdémque aded parallelz forent, quod pas
rallelarum definitioni repugnat,

A_; 4 DProp.
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b Pror. X1IV.
valet hee Ad que plana CD, FE,
eadem vectu limea AB vella

T converfa,
. . eftyilla funt pava’ela. -

Si megas,plana CD,FE
concurrant;, ita ut commu=
nis fc&io fit recta GH;
fume in hac quodvis pun-

. &um J,ad gnod in propo-
: fitis planis ducantur reflz
: bp. & 3. 1A,IB. unde in triangulo IAB, duo anguli
- def. 11 JAB, [BA® re@i funt, ®Q. E. A.

b 7. 1.
Pror. X V.

Si due rella linte AB,
AC fe mutno tangentes ad

D
A
< [NF duss’ rets DE, DF fe
| S mutuo tangentes fint paralic-
ENER

le, non in codem confiftentcs
Plane, paraliela [unt, que per
#lla ducunswi , plena BAG,

EDF.
PR Ex A?duc AG reftam plano EF: * Sintq;
b 3. 1. GH, Gl parallele ad DE, DF. ¢erunt hz pa-
c 30.7. rallele etiam ad AB, AC, Cim igitur anguli
d 3.def 11 JGA,HGA 4 fint re@i, ¢erunt etiam CAG,
£ BAG redi. fergd GA re@a eft plano BC;
v comfr,  atqui eadem relta eff, phano EF. hergd plana
h 14 11 BC,EF funt parallela, Q.E. D, ~
. al \

Prop,;

|
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Pxor. XVIL

Si dus plana pavallela
AB, €D plano-quopiim
HEIGF [ecentur , com~ .
wuncs  illorum  [elloncs
EH, GF funt pardliele,
Nam fi dicantur.non
effe parallelz , ciim fint
in ecdem plano fecanti,
- convenient alicubi, puta

in I quare cum vorz
HEI, FGI‘('nt in planis AB, CD produdtisy a 1. 1.
etiam hxc convenient, contra hypoth

Propr. XVII

i Si dua recie lice ALB,
: B ono lélam[lelu planis EF,
E GH, IK fecentur  in eafdrm
1L -wvnl muones fecabuntur ( AL, LB
G i €M. MD). '
ol Ducantur in planis EF, IK ‘
LB——bR] &z AC, BD. ittm AD
L occurrefrs plano GH in N
jungantarque NL, NM: Pla-
na triangulorum ADC, ADB faciunt feGtic-
nes BD, LN; & AC,NM Jparallelas. ergd a 5, i
AL.LB"' AN ND'..CM MD. QED. b1 &

®
L

. - Arg " Prowm.
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' Prer. XVIIL

Y A Si vefa linea
fF A pleno cuipi-

C am CD ad veflss

; —\ §t angules 3 &

E K B G onma . que per

. ' ipfas AB plama
D (EBF &c), ¢i-

dem plage CD-

‘ad veltos angules erun:.

Puftum fit per AB planum aliquod EF, fae

ciens cum plane CD fe@lionem EG3 € cujus

:_3:: . rall. AB:®erit Hé‘ cea p}lam; CD;:paritéx:qI;xe

def, 15, Aliw-quavis ad EG perpendiculares. <ergd pla-

s A defy 13 pum EE plano CD: refum efty eﬁde;:rgucra-

tione quavis alfa planz per AR du&2 plano EF
refa ennty QE.D. - :

Pror, XIX.

- Si dueplasz AB,
Y Oh _ CD femutuo fecar-
H'Y  diaplanecuidam GH

T N\F. ed vellos fint angu-
B los, communis etiam

G Lol . illorum [eioBFad
D veltos  eidem plamo

‘GH") angulos evit..

* .
" Cuoniam-plins- AB, CD, ponuntur re&a

GH; patet ex 4. def. 1. qudd ex puno.
1" in wtroque plano AB, CD duci poffis per-.
oX13: 11v  peadicularis olano GH; quz * unica erit, &.

propterea earuadem planorunt communis feQtio,

QE-N

aliquo pum&o H, in plano BF * docatur HI pa-.

|



|

Pror. XX.. ‘
D §i folidus engulis ABCD - i
tribus angulis planis BAD, :
] SE DAC, BAC comineaturs cx
bis duo quilibet, uint affumpii,
B E tertio funt mayores.
Si tres anguli funt equales, patet affertio; 6
inaqualcs, maximus efto BAC, ex.quo *aufer a 23, ..
BAE=BAD; & fac AD=AE ; ducantirque
BEC,BD,DC.
Quoniam latus BA communé ef, & ADY=y, .0
AE3 & ang. BAE *»=BAD;¢ erit BE =BD.c 4. 1.
fed BDADCiBC.eergd DC~ECclimd 20. 1o
jgitur ADY== AE, & latus AC commune eft, F 5 %1
ac DC o BCf,eritang. CAD - EAC. 2er-f 25. 1.
go ang. BAD+CADCBAC, QE.D, 8 #-4r e

Pror. XXI..
Omnis [olidus angulus [ub
minovibiss, quim quatuor rells .
: D angulis planis, continetur.,
B Efto folidus angulus A;
£= planis angulis ithum compo-
F hentibus fubtendantur reéie -
BC,CD, DE, EF, EB in.
uno plano exiftentes. Quo falto conftituitur
pyramis, cujus bafis ¢ft polygonum BCDELF;:
vertex A, tétque cinfta triangulis, quot plani:
anguli componunt folidum A. Jam vero quia

ey

.duo anguli ABF,ABC * majores funt uno FBC, a:20. 11} ¥ -

2 & duo ACB, ACD majores uno BCD, &

fic deinceps, erunt triangulorum G, H, T, K. L.

circa bafim angali Gmul fumpti omnibus fimul

aagulis bafis B,C, D,E, Fmajores, b fed angu- b fib: 32, 14

li %afcos und cum quatuor retis faciunt bis tor

re&tos, quot funt latera, five quot triangula. € Er= .4, 6% 1a g

£0 omnes triangulotumcirca bafim anguli ura ;
. s
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d 33, 2

T

b 23. 1.
e 4L,
<& byp.
e 24. 1.

£2a.1. |

EUCLIDIS Elementoram
cum 4 re&is conficiunt amplidis, quam bis tot
re&os, quct {unt triangula. fed iidem anguli cir-
ca baim una com angulis, qui componunt {oli-
dum, componunt € bis tot re€tos quot funt trian«
gula. liquet crgd angulos folidum angulum A
componestes quatuct re&is effe mineres.Q.E. D,

Paer. XXIIL |

A B K c
WAWANNANS
Si fuerint tyes anguls plani A, B, HCY, quarin

duo wlibet affumpts veliquo fint majores 5 compre
hendant autem ipfos relte linem equales AD, AG,

"EB &c. feri poteft, wt ex vellisliness DE, FG,

MY aquales illas veltas conneltentibas triangulun

" conflistnatur.

Ex iis  conflitui poteft triangulum; 6 duz
quélibet reliqui majores exiftant ; fed ita (e res

. haber, Nam ® fac ang HCK=B,& CK=="H

ducanrirque HK, IK, ¢ ergd KHFG. & c}uia
ang. KCI4c~ A; erit KI .- DE. fed KIf—
Hi+KH (F&); ergo DE - HI.\ FG.
Simili argumento quavisduz reliqui majores
oftendentur; & proinde ex iis triangulum * con

Riwi poel Q. B, R,
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Pror, X XIIL

A B oon

P E F- -G

" Ex tribus awgulis planis A, B, C querkm duo

qromedocknque aflumpti reliquo funt majores , fo- 3

Edum angulum MHBIK conflituere. * Oportet an-* 31. 15

sem iilos tres angulos quatuor vectis mineves effe.

Fac AD, AE,BE, BF, CF, CG zquales

¥nter fe. Ex fubtenfis DE, EF, FG ( hoc eft

ex zqualibus HT, IK, KH ) * fac triang, HKT, 3 23T &

circa quod ® deferibatur circulus LHKL *Quo-p 5.y

niam verd AD - HL; ¢fit ADq=HLq 4 vid. clavizm,

LMq. ¢sitque EM re@a planocirculi HKT; & ¢ feb. 47. 1.

ducantur HM, KM, IM. Quoniam igiturang, ¢ iy

HEM ¢ reus eft, ferit MHq = HLq . EMq¢ 437 { !

$:=ADq. ergd MH = AD. fimili argumentd g confir.

MK, MI, AD(id «R AE, EB &c.) 2quantur,

ergd cim HM=AD, & MI=AE; & DE=h cnf

Hgl, kerit ang, A = HML* fimiliter ang. IMK k 8.2

=B, & ang. HMK = €. FaQus oft igitur

angulus (olidus ad M ex tribus planis datis.

Q. E. B. Brevitatis causd affumptum eft, effe
“ADeHL,id quod in variis.cafibus demone

Srawm vdeapud Claviem, -

‘B.h " Prom.
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a 16 11,

b 15.defl T
¢ 10.11.
d 341
€7 5
6.6
4 1.
K6 ax.1,

b .4 'U'C'_LIDISV Elmib?bfm&
Pror. XXI1V.

S folidum AB
R > B parallelis planis con-
. tinedwr o adverfs
) o) illius plana ( AG,
DB &c.) parale-
'] G logramma funt (-
. : milis & aquclia, -
A : Tk Planum AC [e~
. cans plana paral-
leh AG pB* facit rC&iOﬂCS AH, DC parallc-
las. Eidem ratione AD, HC parallel funt.
Ergo-ADCH . eft panallclogrammum, $imili-
argimento reliqua- parallelepipedi plana fun:
b paraflelogramma. Quum igitur AF ad HG, &
AD ad HE parallelz fint, € erit apg. FAD=
CHG; ergd ob AF 4=HG, & ADd= H(,

ac eI;roptcrca AF. AD::HG.HC, triangul
EAD,

GAHt fimilia funt & *2qualia} proirde
& parallehﬁramma AE, HB Gmilia funt, &

kxqualia. idémquede reliquis oppofivis planis
oftendetur, ergd &c. ‘ d
Pror. XXV,
. - 8k folidum
A" L2 ' - paralbelcpipe-
L G /Y. dum AFCD-
» L Ol § plare BF fe-
- cetuy adveifis
g8 ‘ Mi/R planis AD,

A E B X BC parall:is,

i €It quemad-
wodum bafis AH ad bafm BH > i folidun
AHD ad folidum BHC.

Concipe Ppp. ABCD produci utrinque. ac-
cipe A1=AE, & BK—EB, & pone plana

X KP planis AD, BC parallela. parallcio-

ErATnA.
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gramma IM ,"AH; * & DL, DG, *& IQ, 2 36.1&
AD, EF, &c.*fimilia ac zqualiafunt ; ¢ quare ¥ ;‘;f-l?
Ppp. AQ = AF; atque eadem ratione Ppp. Ve
BP = BE. ergd lolida 1F , EP folidorum AR, © "1
EC zquemultiplicia funt, ac bafes IH, XH ba-
fium A H,BH. Qudd fi bafis IH =, =, =4 KH, ‘

& erit fimiliter folidum IF o=, =,"3 EP. ¢pro- d 34.11. &
-mdc A‘Hn BH:: AF- ‘EC. QE. D. 9. dCf;ell.
Hc cadem omai prifmati.accommodari poffunt; © & /5

tnde: :
Corell,

Si prifma cluodi:unquc fecetur plano oppofitis
planis parallelo, fe&io erit figura zqualis, & fiv
!\i.lis»pgnis oppofitis.

Pror: X XVI.
p Ad  datem:
yeltam  lineans
AB, ¢jiisq; pun-
Etum A con) t}_u-
. ere angulnm [o-
F [idumyyXHIL s
equalem  [alida
angulodato CDEF.

A punlo quovis ¥ * demie FG planoa 1no iy

D CE reflam; ducantirque reétz2 DF, FE, B G,
GD, CG, Fac AH=CD, &ang HAT=
DCE. & Al=CE; atquein plano HAL fac -
ang. HAK = PCG, & AK = CG. Tum
erige KL re@am plano HAI, & &t KL = GF.
ducatirque AL. erit: angulus folidus AHIL
par dato CDEF. Nam hujus confirutio illius.
conftitutionem penitus 2mulatur, ut facilé pe=
webit cxaminanti, ergd falam, -

Zb, 2 PreM.



280 EUCLIDIS Elementorsm
Pror. XXVIL i
K- D A dataye-
\ &% linca AD,
1 - |1z dato falido pa-
’ -allelepivedo
. LE A fmﬂ’ it ?
- : iwer  pofie
! A 5¢C tum  parallele-
pipedum AK defcvibere,
Exangulis planis BAH, HAY, BAJ, qui 2~
a 26, 11, quales fint ipls FCE, ECG, FCG, * fac angu-
» 126 lumfolidum A folido C parem. irem ¥ fac FC,
¢ 31.5.. CB:BA AH.Pac €E.CG:: AH, AT (cun-
de erit ex zquali FC. €G :: BA. A1) ; & per-
ficiatur Ppp. AK. erit hoc fimile dato.
Nam per conftr. pgr®, ¢ BH, FE; 4 & HI,
& t.def 6. BG; & LB, FG fimiliafunt, & ¢ horum ideo
€ 24. 11, eppofita illorum oppofitis.. ergo fex plana folidi
£ 5.def. 13, AK fimilia funt fex planis folidi CD; f proinde
' AK, CD fimilia folida exiftunt. Q. EJF.

o Pror. XXVIIL :
Si folidum pavale.
r E e/ B lepipedum  AB  plaro
D4 T BGED fecesur per di-
B o G amis DE, CGai-
: 'F K ;lierfornb;:z fplamrxn AT,
; L. B, bifariam fecabi-
A' - H tur folidum A B ab ipfy
. - . plawo FGCD..
Nam-quia DC, FG * zquales & parallce
funt , ®* planum FGCD et pgr. & proper
ipord AR, HB zqualia, & fimilia, b etiam tri-
angula AFD, HGC, CG3, DYE zqualia &
fimiliz funt, Atqui Pgr> AC, AG ipfis £B, FD
3 eriam 2qualia & fimilia funr, ergd prifmaris
EGCDAH omnia plana -zqualia funt, & fimi-
© 2. def, 11.- Yia planis omnibus prifinatis FGCDEB, & <pro-
inde hoc prifma illi mquatwr, QE.D.. Prag,.

ER S

T
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Prer. XX1X. o

D Lt

i P !

N

A G ,

la pavalleleyipeds AGHEFBCD;

SMLKI1 . fuper .eandem baim AGHE .

a, & * in exdom altitudines quorum infi- | 4 ;f’ g

linee AF, AM in iifdem collescantur rettis f,:'z(;;;’a‘. ‘

G, EL, funt inter [e agualia. FLXD, &

m i ex ® zqualibus prifmatis AFME DI, fic imellige

H CK commune auferatur prifma # feqeents

1P CI, addatirque utrinque folidum '3°'d,'f e

EHP, b erit Ppp. AGHEFBCD = b 3. & 3

EMLKI. QE.D. toe
Pror. XXX,

L

v AN

7 o
: " \ 5]
A D | ~
la pavalislepipeds ‘AD BCHEF G,
' . Bb3 o AD-



232 EUVCLIDIS Elementoram
ADCBIMLR fuper easdem bafim ADCB con-
Litusa, @& in eadem altitudine, quorum infiflentes
linew AXL, AL non iniifdens collocamtur rectis lineis,

inter fe fumt aqualia. .

Nam produc re&tas HEQ, GEN; & LMO,
- 434 & KiIp;&duc AP, DO, BQ, CN. 3 erum tam
. DC, AB,HG, E-F, 'y ON; qu‘am AD, HB’
GF,BC,KL, IM, QN, PO zquales inter fe- -
bIzg. 1. fe, & parallela. ® Quace Ppp. ADCBPONQ
-utrique Ppp®. ADCBHEY¥G, ADCBIMLK
¢ nex.1.  zqualeeRt; & ¢ proinde hiecipfa inter fo xqua-

lia fut. Q.E.D. -
_ Prer. XXXI. .
M p ¢
(] /8
N . Y rt‘
) P B I8 5
K M P ,X "

A=—1L F BT

-" Solida “parallelepipeds ALEK GMBI, .
CPoOHQDN  juper @quales bafes ALEK,

* Aitnds, CPHO conﬁtam, & : in eadem dtitydim, a~
of perpendi- Qualia funt inter [e. ’ , ‘
eulariskplone  Habeant primd parallelepipeda AB, €D - |
bafis ad pla- ters ad bules re@a; & ad lars CP produtum
nim opefi- s it pgr, PRTS 2. & fimile pgre KELA;
a 18.6)  Padeoque Ppp. PRTSQVYX 29. & fim,
b 37. 11 & Ppp® AB. Producantur OxE , ND&, oPZ,
so.defo 1. DQF, ERB, #Vy, TSZ, YXF; & duc EJ;

By, an !
Plana O«I'N, CRVH, ZTYF ¢paralich
§ M8 e nces fe 3 & perALEK 5 & PeO)
35. 5, #RTS, PRBZ xqualia fuat, Cim igicur P[g-
. CD.
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WV, ¢ 2 pgr. Co. (PRBZ).Pe:: Ppp. & 25. 110
QVyF. #VJ‘@, (‘cni: Ppp. CD r: f’;' S
QUyF § = PRVQSTYX * = AB. g
Ppp* AB,ICD lacera bafibus obliqua he-
fuper eafdem bafes », & in cadem altitudi-
antur paralllepipeda, quernm latera bafi-

t rea. ¥ Bainter fe, & obliquis zqualia k 19, 11;
n ptoiu)xde & obliqua AB, CD quan- m 1. &x. 1,
. E. '

Pror. XXXII ..

Gy )E 4K
‘ [ i
D .
/e |\
N s I
. E H -
{a pavallelepipeds ABCI, EFGL [ubeus
Litudine, imier [e funt ut bafes AB,BF,
du@td EHI, * fac pgr. FI==AB,& b comple a 45. 1.
FINM, Liquet effe Ppp. FINM. b 301
CD).EFGL:: FL (AB) EFQE.D. § 3111
Prop, XXXIII. - ,
Q8 Similia folide paral-

lelepipeda, ABCD,
EFGH, inter fe funt
in triplicata vatiome
..P bomolegorum laterum
Iy Al EK.
L 1 Lx Producantur re& 2
é U AIL, DIO, BIN.
E T

| W & sfancIL, IO, a 3. 1

K I¥ iphs EK. KH, -
KT zquales® adedgs b 27.1b
Bb4 &.



" {KF) 3 ¢ hoc

EUCLIDIS Elementornm
& Ppp. IXMT =q. & fim. rppe EFGH.
¢ Perficiantur Pppt IXPB, DLYQ. Itaque de-
xit AL TL. (E!({S::DI. 10 ¢(HK) :: BI.IN,
r. AD.DL :: DL.IX =
BO.IT; f id eft Ppp.- ABCD.-DLQY::

DLQY.IXBP :: IXBP.IXMT. (s tFGH).

tergd ratio ABCD.ad EFGH rriplicata eft

* rationis ABCD ad DLQY , * vel Alad EK.

QRED. . .

Qo .
Rinc fi fuerint” quatuor linez reftz contidué
proporsionales , ut et prima ad quastam, itk eft

parallelepipedum Lmile, fimilitérque defcriptum

* parallelepipedum fyper mfn} defcriprum ad

a 3.1,

b 3.1,
€ 32,1L.
d17.8,
€ 1.6,

£ confr.
S It g

fuper (ecundam,

Pror. XXXIV. )
mimx K Aqualiun [0

fRle  bdovis pavallcie
Pivedoii ADCB
EHGF bafss,
v € altitudines ye-
L !/ E ciprocantur{ AD.
E. d EH :: EG
e AC) : Ezqw-

vem (didorum pavallelepipedorums ADCB,EHGF

bafes , & dltitwdines vecipracamtur 3. ila’ funt k-

e - o f
Sint primd latera CA ,"GE ad bafes reQa, 6
jam  f(olidorum " altitudines fint pares’, etiam
2quales erunt , & res claraeft. Sin aleiru-
dines inzquales fint, 3 majori EG 2 detrahe EI

=AC. &per] » duc planum IK parallelum -

bafi EH, taque - .
t.Hp. AD.EM < :: Ppp. ADCB:EHIK 4::
p. EHGF. BHIK ¢:: GL.IL ¢:: GE.IE.

( AC%lliquct igitur ¢ffe AD.EH :: GE.&C.
Q.E.D. o

2. Hyp.
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. =. Hp. ADCB. EHIK *:: AD.EH k22§ 33,11,
" EG.EI1':: GL.IL ~:: Ppp. EHGF.EHIK, k hyp.
@ quare Ppp. ADCE=BHGF. QE.D., 1ué
Sint deinde lateraad bafes obliqaa. Brigan- 7 9“5.-"‘
tur {uper iifdem bafibus, in altitudine eAdempa- ~ * 7"
rallelepipeda re@ta. Brunt obliqua paralielepi-
peda his zqualia. Quare chm hac per 1. partem.
reciprocentbales & altitudines, etsam illa reci- :
procabant, Q.E. D, - e :

‘ A7) A ,

. Ruede parllelepipedis demmfirata fiemt Prop.
29, 30531,33, 33, 34. etiam conveniunt prifma-
tis triangularibus, quc (unt dimidia parallelepipeda,
wt patetex Pr. 28, Igitur, o

1. Prifmata triangularia zqué alta funt us
bafes. . .

2. Sicandem vel 2quales habeantbafes, &
eandem altitudinem, 2qualia funt,

3. Sifimilia fuerint, corum proportio tripli=
cata cft propoertionis komologarum laterum.

% Sizjualia funt, reciprocant bafes, & altie
tudines; & fi reciprocant bafes & altitudines,
xqualia erunt, -

Prer. X x X V.
C - Sifuerint due

T
: ' : Pplani _ anguli
B c 7@,{%&; EDF
N aquales, queruns
Ll P} R K 'vZ‘ftjabu» AD

- Q l" fublings :ella
: , Lnee AG,DH
§nfiftant, que cum Lineis primd. pofitis & u's cont
mgft aq’/u!e:, utrwmqs wtiig; (ang.GAs =HDE;
& GAC = HDY ) i [ublimibus aniem liness
AG, DH qualibet umpss [uciint punite G,l;;‘

-

’
:
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¢ ab lis ad plena BAC, EDF, in quibus ¢aaff=
funt anguli primim pofit: BAC, EDY, du e f4-
erint-perp%diadms Gl HK; i %unfti; ‘zlm-b LK

e inplasis & perpendiculavibus fiunt, ad angule
;Irrimﬁm pofites adjuntle fuerint veta lince Al,
DK, b cums [ublimibus AG, DX equaies azzules

GAM, HDK comprehendent.
" Fane DH, AL 21uales, & GY, LM paralle
lz; & MC ad AC,M8ad AB,KFad DR
KE ad DB perpendiculares, ducantirque retz
at s, BGLB, LC,aq; EF, HF, HE;* éftq; LM
b 3. def. 11, re&a plano BAC; ® quareanguli LMC, LMA,
LMB; chdémque ratione anguli HKF, HKD,
€47-%  HKE reQi funt. Brgéd ALq<=LMq . AMg
¢==LMq—+ CMq+ ACqc=LCq+ACs
d 431, &ergd ang. ACL re@uscft. Rurfus ALqe=
LMq+MAqe=LMq 4+ BMq+ BAq*=
€47-1+ . BLq 4 BAq ¥ étgd ang ABL ctiam refus
£ 261, Cft. Simili difeurfu anguli DFH, DEH reéi
g 4t funi; € ergd AB = DBE; f& BLL =EH; f&
AC=DF; & CL =FH., ¢ quare etiam EC
h 3.ar1. = EF. $&ang, ABC=DEF,¢& ang ACB’
‘" = DFE. unde reliqui ere@is anguli CBM,
kl 251 BCM reliquis FBK, EFK zquantur, kersd
mog CM=FK,lidedque & AM= DK. ergd fi
n 471, & ¢xLAq ®» ="HDq. auferarar AMq= DKj,
3 ax, = remanet LMJ=HK4q. quaretrigena LAM,
°©8%1.  HDK fibi mutd zquilatersfunt. *ergd ang,

LAM=HDK. QE.D.

Iraque fi fuerint duo anguli plani xqua-
les, quorum verticibus fublimes reQax linex
®quales infiftant, quz cum lineis primo pofitis
angulos contineant zquales, utrumque utrique;
erunt 3 punis extremis linsarum fublimium
“ad plana angulorum prims pofitorum de:miile
perpendiculares inter f¢ zquales ; acmpe LM
=HK. ’ Paoz.
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Pro2. XXXVIL

Si tres rel¥e

——nH N /isce DE, DG,
G ™ DEF  proportiona-

| - T des fuerint s quod
! , V e.; bistribus fit fo-

; o lidum pavaSelepin
e E ‘ K pedamDH,ng
ie eff deferipte 3 media limta DG ( IL ) folido pa-
“lelepipedo IN, quod equilaterwm quidem (i, -
wicngulum verd pradiéto DH, -

Quonism DB, IK*:: IL. DF, beritpgr. a by
K = FB., & propter angulorum planorum ad b 14/&
> & I, ac lincarum GD, IM zqualitatem,
iam alticudises parallelepipedorum zquales
nt, ex coroll, %zccd. bergo ipla inter fe @qua- k 31,13
 funr, Q.B. D, ‘

Pror. XXXVIL

svavii
re _
A B ¢ »
. quatuor relie linea A, B, C, D propertiona<
erint, & [olida parallelepipeda A, B, C, D
o ipjis '@ fimilia, & fimilher defcribuntnr,
‘tionalia erunt. Etfifolida p:mlk?ipeda,qun
liay, & fimifiter dgmm 5 fuerint proe
v 'it. ( AB1:C.D.) & ipfa rellelinca
<, D proportiendes erunt. ,
7 rationes paraliclepipedorum 2 eriplicat® 45 44, 145
rionum, quas habene line2 . ergd 6 A.Bp fiha35s
ID. ®erit Ppp, A.Ppp. B.: i Ppp. C. Ppp.
vice ver(3. ProP:




ats8

RN
b 4!& 3\
defotn.
€ 17.%s

2 34 1.
b 29.%.
C 4.1,

EU CL’I. DIS Elementornm
Prec. XXXVIII.

S plamim AB

dd P[d Mem AC

A reﬂmfumz o
Qab aliquo punite
E corum , rua
Sunt in wno plaworum (AB) ad dlterum plisim
AC perpendicularis BE dulta fuerit, in pliioun
communem [estionem AD cadet dutia) pevpendicuias

ris EF.

Si fieri fotc& , cadat Fextra interfeGionem
AD. In plano AC 2 ducatur FG perpendicus
larisad AD, jungarirque EG. Angulus FGA

. bre€tus eft; & EF G reQus uﬁommr ergd inuk

angulo EFG funt duo anguli reti, @.E. A
) Pror. XX X IX.

A — 8 felidi paralide-
/ P‘ped& AB s Corém
que cx aduer]b plane:
d ¢ mmAGC; DI Luen
F K (AE,FC, AF,EC.
N H & DH, G35, DG,
b‘ Hp ) bifa iam fia
- © ' Gt pev fecliones aue
B T sem olaza ILQO,
a¥x - B PKMR fim ezrm(L

plmomm communis feltio ST, & jo’:dt paraliciepie
yedt diameser AB, bifariam (¢ mutud {~cabynt.
Ducantur re@tz SA. SC, TT: TB. Proptet
latera DO, OT lateribus BQY_ QT b angu-
18sque alternos TOD, TQB ks, ©etiam
bafes DT, T'B, & anguli DTO. BTQ . uan-

a /b t5. 1. tur, dergd DTB eft re@alinca eodem modo

€ 34. 1.

ASCre acfthnea Porrdetan AD ad FG,

for&r.ax equ:\mFG ad Cp; fidebque AD ad CB, 53¢

g3

promdc 3C ad DB parallele, & xquales funt,
b quare
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:are AB, & ST in eodem plano ABCD ex-h ¥, 11.
ant, Itaque ciim anguli AVS,BV T ad ver- "
m, & alterni ASV, %TV zquentur; k& AS kK 7. a1
BTB it AV = BV, 1 & §V = VT.161i.
vE. L] N .

: Cevall,
linc, Inomni parallelepipedo diametri ome
i mutud bifecant in uno pun&o, V. o

‘I’nor. XL.
o . N Q"
I Smu 7 {\
3 < 17°

B G |
Juetint duo pyifmata ABCFED,GHMLIK
lis altitudinis, quorum hoc quidem babeat bafim
CE parallelogrammum; illud vero GHM tri-
‘um 5 duplums auvemfuevic parallelogrammum
CF trianguli GHM, aqualia erunt ipfa pri- _
?A%CF&}D’ GHML}IKI. : . N G L
am ciantur parallelepipeda AN,GQ, 2 3f.1¥.
it hae zqualia gbb_ 'baﬁ‘:ug: AC,GP, & b 3+ 1
tudinum 2qualitatems; ® ergd etiam prifma- ¢ 7;,. :
horum dimidia, zqualia erunt. QE.D, d a8.17. %

‘ L € 7.8% 1.

Schols a .
¢ bactenus ,‘damnﬁmi« babetwr dimfo‘ prie Andr, Tacq
e triangularium, & quadramgulariamy [ek )
lelepipedarum, i mimivum allitudo ducaiur in
1, ) , P
¢ fialtirudo fit 10 pedum, bafis vero pedum.:
ratorum 100 { menfurabliur autem bafis per
;5. 3o vel per 41.1.) mu(l;imca 200 pex 105
, c CProe



250 "EVCLIDIS Elementorum.
. proveniunt 1000 pedes cubici pro foliditate prie -
imatis dati. , . ’
¥ide ol ® ‘Nam quemadmodum re@angulum, §td & pa-
35000 rallelepipedum re@um producitur ex altitudine
du&a n bafim, Frgd quodvis parallelepipedum
* producitur ex altitudine in batim dufta, ut pa-
wrex 31 hujus, ) T

Deinde ciin totum” parallelepipedum produ-
‘catur ex altitudia€ in totam bafim, femiflis cjus
( hoc <ft prifma triangulare) producetur ex al-
titudine du@ain dimidiam » NEmpe wians

“gulum, T ‘

Monitam.

Nota, litteraruus qua defignant anguliom [olidin
primam effe [emper ad puncium, in que eft angulu:,
Litterarum very que denotant pyramidem, sltiman
¢ffe ad verticem pyramsidis.

) Ex. gr. Angulus {olidus ABCD eft ad pun-
£tum A, pyramidis quoque BCDA, vertex et
‘ad punétum A, & bafis triangulum BCD,

-

L

- LIB.
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1.1B, XIIL.
Prer. I,

']4 | M
AV funt in circulis ABD, FGI ps-
, 7 lygona fimilia ABCDE, FGHIK
@ snter [ funt,ut qusdrata i diame-
tris AL, EM. .
v Ducantur AC, BL, FH, GM.
Quoniam *ang. ABC=FGH, 2 1. 4ef. ¢,
que AB. BC :: FG. GH, *erit ang. ACBb 4. 6.
ALB) =FHG {*FMG ). anguli autem ¢ 21. 3.
L, FGM‘xsﬂi“, ac proinde zquales funt.d 31.3.
36 triangula® ABL, FGM 2quiangula funt. € 32.3.
are AB. FG : AL. FM, sergé ABCDE. é P 46- “
HIK :: ALq.FMq. o
Coroll, .
linc,quia( AB. FG:: AL.Fy :: BC.GH

) polygonorum fimilium circulo infripto-
b ambitus funt ut diametri,

h 112 &
8.

9 < 2 Pror, ,
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EUCLIDIS Elementorsm

i

. < Cireuli ABT,EFN inter fe
Junt, quemadmodum quadrata i /
diametsis AC,EG. .

"~ Ponatar” ACq. EGq :: circ.
X ABT. 1. Dicol =circ, EFEN,

Nam primd, i fieri poteft, 6t I=acirc. EFN,

“sitque exceflis K. Circulo EFN infcribrar

A fth. 7.4 quadratum EFGH, ? quod dimidium eft-cir-

b 3e.3.
€ fth 7. 3.

8 41 1.

cumferipti quadtati, adebque femicireulo majus,

b Bileca arcus EF, F6, GH, HE, & ad punGa

bife&ionum junge re®as YL, LF &c. per L
duc tangentem PQ ( cqqz’@%&? parallela eft),
& prodguc HEDP, GFQj; . &Rque rriangutum
ELF ¢dimidium parailclogrammi EPQF, ade-

.6jue majus dimidio fegmenti ELF; paritérque

reliqua triangula ejufmodi reliquorum fegmen-

* torum dimidia fuperant. Et fi iterum bifecentur

€ 1,10,

arcus EL,LF , FM &c. re&teque adjungan-
tur, ¢codem modo trianfula fegmentoruin (emii-

{es excedent. Quare i quadratum EFGH ¢

circylo EFN, & ¢ reliquis egmentis triangula
detrahantur, & hoc fiat continud, tandem ¢ re-
ftabit magnitudo aliqua minor quim K. Eo-
tfque perventum fit, nempe ad fegmenta EL,

LF, FM &c. .minorz quim K, fimul fum-

> pra,
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ergd 1 ( f cic. BFN.=K ) = polyg: fiyp. &
Fl\i’GNlSO (ciec. EFN-Jegq)n. EL.LF 3.4
) Cireulo ABT infviptum € puta fimile po- § 30.3. &
num AKBSCTDV. itaque quum * poft. 1.
BSCTDV. ELBMGNHO ¥ :: ACq.h 1.12,

) * 12 circ. ABT. I'.!cfoly AKBSCTDV k bp. .
circ, ABT. merit polyz. ELEFEMGNHO m’;;’;:}
. fed prits erat 1 -1 BLFMGNHO, qux )

g Aant., )

.:\’xrfns, G fieri poteft, fir T e circ. BFN.

niam izitar ACq. EGq#® :circ, ABT. Iy n byp.
rséque L cire, ABT :: E6Gq. ACa.pone 1.

ABT ::cire, BEN.K.eere o2 ART 0 14,50
K. ?atque EGq.ACq:: circ,a § eQux p 11 5.
ignare modo oftenfum ek, P

rg6 concludendum eft,quod ¥ == circ.EFN, -

E.D.

(orall,
Tinc, ot circulus eft ad circatum, itd polyge~-
1 in illo deferiprum ad fimile polygonum it
- defcriprum., C

Paoy. 11I. . ,
A Omnis pyramis ABDC
N+ triangularem babens ba--
Jim, dwvidisur in duzs py-
ramides AEGH,HIKC :
aquales & fimiles inter
fe, triangulares habentes
v D b4e s & fimiles tori -
o ABDC; & induoprif-
e agqualia BFGEIR ; EGDIHK; que dus -
wiata majora funt dimudie totius pyramidi -
' C- .

Latera pyramidis bifecentur in pun@is E,F,’

H, T, K; jungantirque re&2 EF, FG, GE, -

IF, FK, KG, GH, HE. Quoniam latera *
: C.¢c-3; pyra-
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|36,

.

b 1.5,
< 26,7,

N

d 5.0 -

¢ 1o defian,

" fre,
g 4011,

EUCLIDIS Elememernm
amidis proportionaliter {¢&a funt, * orunt
I,AB; & GF,AB; & IF, DC, atque HG,

DO & parallel2; projnde & HI, FG, & GH,

FI parallelz funt. liquet igitur triangula ABD,
AEG,EBF, FDG, HIKg'i' zquiangula efle; &
tuor ultima ¢ zquari; codem modo triangula
ACB, AHE, BIB, HIC, FGK zquianguls
funt, & quatuor poftrema inter f¢ zqualis; fimi-
licer triangula BFI, FDK, IKE, EGH; & de-
nud wiangulz AHG, GDK, HKC, EFI, fi-
milia imr & zqualia, Quinetiam triang. HIK
ad ADB, & EGHad BDC, & EFlad ADC,
& FG!' ! ABC dparallela funt. Ex quibus
ipic:. .~ aiwur primé, pyramides AEGH,
IK& zquales efie ; rotique ABDC, & inter
fe ¢ fimiles. deinde folida BFEGEIH,FGDIHK
priimata efle, & quidem 2qué alta, nempe fia
inter paraliela plana ABD, HIK. verdm bafis
BFGE bafis FDG f duplex ¢}, quare di¢ta
peilmaca zqualia funt, quord alterum BEGEIH
pyrantide BEFI, hoc ¢t AEGH majus cft,
torum {ud parte; proinde duo prifmata majora
funt duabus pyramidibus, totisque aded pyra-
midis ABDC  dimidium excedunt, Q. E.D,

s

ProvP.

|
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Prop, IV, o

Sutrint due pyromides ABCD, EFGH
e altitudinis, triangulares babegies bafes
> EF¥G; fit awtemillarnm utraque divifa &
a5 pyramides (AILM, MNOD; & EPRS,
"B ) aquales ipter fe, & fimiles tati; & in
ifmaa emalia( IBKLMN,KLCNMO;
FQRST, QRGTSV ); a codems modo di=
it utrague pyiamidum, que ex fuperiore di-
2 nate [umt,sdque femper fiat's evic ut anius
idis bafis ad alterins pyramidis bafm 3 it:
wtidy quie $1 una pyramide, prifmataad ommia,
# altera pyramide prifmata, multisudine &=

.

am (adhibendo conftrutionem praceden<
BC.KC2:: ¥G. QG.bergd triang. ABC 2 150 %

{ fimile triang, LKC,ut EFG ad < fimile b 32.6.  ©
. ergd permutando ABC.EFG ¢ :: LK(, § z,':'f_‘c" ‘
e Pxxfm.KLCNMO.%GTSV(nam c ﬁ};: 3441;.
:qué alta funt)f :: ITRKLMN. PFQRST: £ 7.5.
etriang, ABZ, EFG :: Prifm.KLCNMO § 2. 5.
K&MN.Prifm.(LRGTSVa- PEQRST.

1 ulteritis fimili pafto dividantar pyrami-

INOD, AILM; & EPRS, STVH,erunt
or nova prifmara hic effe€a ad quatuor
Co Ccyg iikic .
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ifthic produ@a , ut balfes MNO, & AIL ad
. " bafes STV, &.EPR, hoceft ut LK€ad RQG',
k2485 vel ut ABC nd EI!G."quarc omnia prifmata
prramidis ABCD ad omnis ipfius EFGH
atd fe habent ,.u\, bafis AB( a3d batm EFG,
QE.D, AN ‘
‘Pror. V.

AlY B
' l« P R
B K CF

Swb eadem altitudine exiffentes pyramide
ABCD,EFGH triangulares babentes bafes ARC,
EEG,inter fefuntut bafes ABC,EFG.
- Sit triang. ABC. FFG :: ABCD. X, Dico
X =pyr. EFGH, Nam, fi poffibilc eft, fit
. X —1 EFGH; sitque Y exceflus. Dividatur py-
" ramis EFGH in prifmata & pyramides, & reli-
aLie. 3_\.12 yramides fimiliser, * donec reli& = pyrami-
es BPRS, STVH minores evadant folido Y-
. Quum jgitur pyr. EFGH=X 4 Y; liquet
reliqua prifmata PFQRST, QRGTSV  f{oli-
do X majora ‘effe. Pyramidem ABCD fimili-
b 412 ter divilam concipey ® Exitq;r prifm. IBKLMN
~+KLCNMO. PFQRST «+ QRGTSV :
¢ bp  ArC.EFG. *::pyr. ABCD. X.4ergd X
7 prilm. PFQRST+QRGTSV; quod repugoat
B X - pyr. EEGH
& Raurfus , dic X-pyr. R . pone pyr,
f.f’l. s. EFGH.Y: X.pyr. ABCD¢:: EFG. ABC.
£ f“’?arn qnh EF.GH "'.a x, ‘ erit.Y.-j . ABC.D.)
v 14 5.  quod feri nequit, ex jam diis. cludo izi-
tur, quod X = pyr. EFGH. Q.E.D.
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Pror. VI, b

sub eadem altitudine exiflentes p)ramdu.
CDEF, GHIKLM, & peljgonas bilent.s
s A CDE GHIKL mmfc/wztut baf s
C.P!;S, GHIKL

Dric reftas AC, AD, GI, GK. Eft baf,
C.ACDa; ﬁyr ABCF ACDEF, % ergd
wpofii ABCD. ACD ::pyr. ABCDF
~DF. 2 atqui etiam ACD ADE = ypyr. .
"DF. ADEF. < ergd ex aquali A1L.CD.
E :: ABCDF. ADEF b ergd componendo
CDB. ADE :: pyr. ABCDEF. ADEF.2 570
ro ADE. GKL ¢:: pyr. AD:F. GKL b, '
1t pritis,atque inversé GKL.GHIKL :: pyr. a2
‘LM GHIKLM. *ergd ieram ex zquali-© ** 5*
. *BCDE. GHIKL :: Pyr. ABCDEEF.
1IKIM. QE. D.

r

Sx bafes non hi-d §.12.°

- bent latera. aque ’
s mul'a, demonftrae -
tio fic proceder.
Baf ABC.GHIL- .
‘ Tt opyr ABCF.. -
GHIK. . tarque.
ACD.GHI :: Py c 51

7\
DR 1 ACDF: GHIK.F 5

3bal ABCD.GHI: !pyr.ABCBF GHIK..
uinetiam bal. ADE. GHI ::pyr. ADEF.
[1K. € ergd baf, P:B;:DE: GHI pyse
CDEF. GHIK,

Cc§: Tror, .

A




298

a:34. 1, '
b s, 12,

C 1. 4% 1.

7. 12

| 3% .

B

- EVUCLIDIS Elementorum

‘Prop, VII .
Omne prifma ABC"

A D pre triangubsrem bha-
@ g beas bafim , dividitur 0
tres pyramides ACBF »

ACDF, CDFE equ-

B c les inter fe, triangulaies
bafes babeates..

. Ducantur paraliclogrammorum diametri AC,
CF,FD. Triang, ACB*=ACD.%erg6 z-
que alez pyramides ACBF; ACDF 2quantur,
codem modo pyr. DFAC = pyr. DFEC. a1~
qui ACDF, & DFAC una eadémque fum py-
ramis. ¢ergd. tres pyramides ACBF, ACDF,
DFEC, in quosdivifum eft prifina, inter (e z-

quales funt, Q. B,.D.. -

Coroll. :
Hinc.,.luzlibot pyra-
mis tervia eft pars pritma-

1¥ tis candem cam illa ha-

) 1] bentis & bafim & ahitu-

, - dinem ;. five prifma quod-

- * liber triplum eft pyrami-

| dis, candem cum ipfo

m b babeatis bafim & alitu-
p dmem.

Nam refoive prifma’po--

”~
-

lygonum ABCDEGHIKF in trigona prifma-
-2 & pyramidem ARCDEH in1trigonas py--

Yamides. *Erunt fingule partes prifmatis tri-
plz. fingularum partium . pyramidis, b paoinde
fotum prilma ABCDEGHMKF totius pyrami--

. 4is ABCDEH rriplum eR Q, E. D..

RRQ P_'v_: .
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. Liber XII-

Pror, VIIIL,.
P =y ‘o.
Q {’f
\\ 1.
VAR
A . C G .

uiles pyramides ABCD, EFGH, quee tiizs--
s babent bafes ABC, EFG, in triplisata fuit
1e homolozerum laterum AC, EG.

299

a 7.1,

erficiantur parallelepipeda ABICDMKL, 4, 5/ 4 f i1.«
NGHQOP; qua® fimilia funt & pyrami- d 2811 &
ABCD, EFGH 4{extupla; ®idedq; in ea-7.12.
cum ipfis ratione ad {cinvicem,fhoc eltin § 55

icara homologorum laterum. Q. E. D.
cooll. '

inc, etiam fimiles polygona pyramidcs rati-
m habent laterum homologorum triplica-

i

; ut facilé probabitur refolvendo has in tris

as pyramides,
" Pror. IX. .
Vide Schems praced.

-

Aquidivm pyramidion ABCD , EFGH, ¢
neulares bafes ABC, EFG habentinm, vecipros-
it bafes & altitudires. & guarwm pyiamidum”
wigulares bafes habentinm veciprosantse bafis &

tidines,ille (unt agmalcs., -

1. Hyp. Perfelta pacailelepipeda ABICD-

{L, EFNGHQOP zqualium pyramidam

£33 114

3CU, BFGH (utrumque utriufque) * fextu- ﬁ'"zli-‘ 1. &
{unt, 3¢ #qyalia ideo inter fe, ergoalt, (HiZ' 7
et  16¢ s

o
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| VTN
€ 1§. 5.

d by
€ 15.5.
f”‘l'!.

g_‘Q 4%, Lo

- ~
a2 oor.X. b~
jm; & fib.
40. 14,

b 7.13,

BUYCLIDIS Elementorum
alt, (D), *:: ABIC. EFNG ¢ :: ABC. EFG..

. E. O, .
Q 1. Hyp. Ale. (H) ale.(D)d:: ABC.EFG ¢ ::-
ABIC. EFNG. 0 parallelepipeda ABIC-
PMKL, EFNGH%O P ur; $ proinde-
& pyramides ABCD, EFGH horum fublexu.
ple pares funt, Q. E.D..
Eadem polygonis pyramidibus conveningt; nambe
ad trigonas. veduci pofiant,, R
Corel,. ’
Ruade ppamidibus demoafleata funt, Prop. &;
8, 9. etiam comienisnt quibufcunque prifmatis, cim
bac tripla fint pyramidum candem bsfim & alti-..
tudjmem it taque 1.prifmatum zqué 2i~
verum cadem ek proportio, quz bafium.
* 2. Similiwp prilmatum proportie triplicata-
<R proportionis Jaterum homologorum.
3. JEqualia prifmata reciprocant bafes & al-.
tiwdines, & quz reciprocant, funt zquales. .

. . . Scbols
Ex hsQeaus dﬁ::onﬁmk el::'dtur dimenGo .
jofumcung; prilmatum & pyramidum, _
qug P:ifma;is%ol\iditu producyirmr ex alticudine.
in bafim duttas ® itaq; & pyramidis cx fertia al- .
tirudinis parte dults in babew,

T

Pror,



Liber XI1.. : SM

-

" Pror, X..

:nis comus tevtia pars eft-cylindyi babentis pan .
um ipfo bafis ABCD; & dltitudinem aqua---

negas, primd Cylindrus triplum coni fape- ¥ide fg. 3¢
xcegg'u’;.‘. Prifma (uper qufdratum circl;lo :"J:‘;_ 7. 4
D inferiprum * fubduplumi eft prifmatis fu- & cer, 9. 32, .
uadrawm tidem cicculo circumberiprum fi-

cylindro zqué alti. srfé.ytifma {uper qua-

m ABCD {uperat .cylindri femiffem. eo-

nedo prifma fuper bafim AFB cylindro -

altum fegmentt cylindrici AFB *dimidio b fih. 27. 3.°
s eft. Continuetur bife&io arcuum, & de- & 92 13
ntur prifmata, donec fegmenta cylindri re~

nempe ad AF, FB, &c. minors evadant

E. Itaque cylind. — fegment. AF, FB,&c.

na ad baim AFBGCHDI. ) *majuseff, c 5.ax. 10
 cylind, B ( “eriplum coni). ergd py- d .
 didi prifmatis © pars tertia (ad candem © o 713¢
fira, ejuldémaque altirudinis) ‘cono zqué - '

d bafim ABCD: circulum major eft, pars.

Q.EB.A.

1 conus tertia. parte cylindri major dicstur,

dem exceffus E, Ex cono detrah:‘ryrami-,.

u& in priori }mte prifmata ex ¢yli ig, Ad;-

:fens soni Jegmenia. aliqua, pwia ad A¥,
Y Py °3
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Eb

EVCLIDIES Elememtorsm. .
FB, BG, &c. minora folido E, ergd con. — E
( ! $cylindr.) =2 pyr. AFBGCHD (con. —
fegment. AF, FB, &c.y; ergd prifma pyramidis
triplum ( 2qu altum fcilicet atque ad eandem
batim ) ¢ylindro ad bafim ABCD majus eft,
pars. toto, Q. E. A. Quare fatendum eft, quod
cylindrus triplo cono zquatur. Q. K. D,

Pror. XL

. A
7 (=0
Sub eadem altitudine exiftentes cylindvi, &rcon
ABCDK, EFGHM. imter f2 furt at bafis

ABCD, EFGH.
Sit circ. ABCD. circ. EFGH :: con, ABRC-

- DK, N. Dico N =xcon. EFGHM.

a .30, ;’&
1. peft.

b 6. 12,

€ cor, 3,13,
d by

C 14y 5+

Nam fi feri poteft, fit N =acon. BEGHM,
-sitque “exceffus O Suppofitd przparatione , &
argumentatione precedentis 3 erit O majus fe-

mentis conicis EP, PF, FQ, &c. idedque io-
idum N =5 pyr. EPEQGRHSM. ? Fiat in cir-

* culo ABCD fimile polygonum ATBVCXDY.

Quia pyr. ABVYK. pyr. EFQSM b :: polys, -
ATBVY.polyg. EPFQS ¢ :: circ. ABCD.cir,
EFGH 4 :: con, ABCDK( N\ ¢ erit pyr.
EPFQGRHSM 3 N comra modo dicta.

Rwifus dic N £~ cen. EFGHM. pone con.
EFGHM. O:: N, con. ABCDK f:: cic. -
.BEGH. ABCD, 8.¢rgé6 Oacon. ABC Dol.(l ‘
L - qiod.
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abfurdum eft, exoftenfis in lgriori parte, £y & ine
1que potids dic , ABCD, EFGH :: con, vérinda.
_DK. EFGHM. Q. E. D. B 143
em-demonflrabiwe de cylindris , fi conos
, & pyramidum loco concipiantur cylindri
‘i{mata, ergo, &c.

$CHOL.

x his babetur dimenfie cylindrorum, & conerum
umcunque. Cylindri. re&z foliditas produ--
r ex bafe circulari:( * pro cujus dimenfione 3 1. proy:
(ulendus eft Archimedes) du@i in alticudi- delimnz

n, b igitur & cujufcangs cylindci. ) f,i"'

- Traqs coni folidiras producitur ex tertia 1113,

lritudinis du&a in bafim. P ¢ 1e22
Pror. XIL -

v
S.

Similes cont & cylindyi ABCDK, EFGHM
n triplicataratione funt diametrorum TX , PR,
e inbafious ABCD, EFGH. .
Habeat conus A ad aliquod N rationem tri- -
plicatam TX ad PR.. dico N —con. EFGHM:
Nam fi fieri potef , it N =3 EFGHM 3.
sitque excelfus O. ergd ut in Prioribus, N=2.
oyr. EPEQGRHSM. Sint axes conorum IK
LM, ad ducamirque ret2 VK, CK, VI, CT;., 54 gor oy
& QM,GM; QL, GL. Quoniam coni fimiles 8. defiim.
funt, * e VI 1K :: QL. LM. anguli verd ¢ 6, 6.
VK, QUM redti funt. € ergdrigona VIK,
o Dda - QLM

’ N -
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EUCLIDIS Elimestorsm:

'd 46 . QLM zquiangule funt; $unde VC. VI :: QG

€.7. %
f3.%. :

g 9.def. 11,

QL. iwm VI. VK :: QL. QM. ergd ex 2
quali VC. VK :: QG. QM. ¢ quincriam VK,
CK :: QM. MG. ergd rurivs ex zquo VC.
CH ;2 QG, GM, £ ergd triangula VXCG,

G fimilia {unt; fimilique argumento relique
bujus pyramidis triangula reliquis illius. & quare

h cor. 8,13, pyramides ipfee fimiles fant. ® {unt verd hx in

lkq..‘..
1164,
.ng;;.&
C IS,

B i §o

o Priks &
. dnversé,

p cor.8. 13

q4.6 -

.04 S

N

triplicate ratione VC ad QG , ¥ hoceft Viad
RL, 1vel TX-ad PR. ~ ergé Pyr. AIBVC-
XDYK.pyr.EPFQGRHSM :: con. ABCDK.
N. unde pw. EPFQGRHSM 2 N 5 quod
repugnat prias didkis,

Rurfus, dic N ¢ con. EFGHM. fit con.
EFGHM. O:: N. con ABCDK o:pw.
EPRM. ATCK ? :: GQ.VC ter :: 4. PR.

* TX ter.verdm * O r—3 AECDK. quod me-
- do repugnare oftenfum eft. Proinde N ==con. -
EFGHM. Q. E. D.

Quoniam verd quam Pproportionem babent
¢oni, candem quoque obtinent cylindri, eorum
wipli , habebit quoque cylindrus ad cylindruw

- proportionem diametrorum in bafibs triplicatam.
Pror.’ XIIL

Si cylindrus ABCD ple-
Wi 20 EF fecetir adverfis jis-
nis BC, AD parailelo: ¢1it
wt oflindrus AEED ad oy
lindrawt EBCF , ila axa

3 ‘Gledaxem I H.
Predutto axe ,? fume

GK = GI, & HL =14

C=Lwm. & concipe

puntta K, L, M plana 5:

© i circulis AD, 2.C para-

Icla. b ergd cylind. ED =

eyl AN, &yl ECt =

, BO = OP, itaque cylin-
o - deus
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iN cylindri ED 2qué multiplex eft, ac :
[K axis YG. paritérg; cylindrus FP zqué
plex eft cylindri BF, 2caxis IM axis 1H.
cverd 1K =, =, =3 IM, ¢fic cylindr. € 13.18
=, c=, =2 FP. ¢ ergd cyl. ARED. oyl 9 64 5
>F: GL IH Q.B.%J -

Pror. X1V,
S Smper equalidus bafi-
“TEH bu AB, CD eriffents
”". AEB) CFD’O’ ‘]- .

lindi AH, CK, iuer

B K jﬂ;ustaltkudm:m,
,_@ Produdtis cylindro
- D Ha, & axe EM, fume
. ML = FN; & ﬁu
n@®um L ducatur planum-bafi AB paralle-
m. 3erit cyl. AP=CK. barqui cyf. AH.J ,lll. ::: d
., (CK):: ME.ML (NF) QB D.
em de conis cylindrorum fubtriplis di@um « _sdpite po
a, * img de prifmatis & pyramidibus., - &7. 12

v P

Prop. X V.
: Equalium cosoris BAC,
N T EDE , & glindraus
5 a BH, EX reciprocantyr ba-

N A Jus, & aliitudines (BC.

EF :: MD. LA): &

‘\ ‘qluorxm cenoriem, & cilin-

5 1orum veciprocanikr bafes
DU O & ivudines il foms
: 'es.
Si altitudines pates fint , etiam bafes pares ™
erunt , & resclara eft. Sin altitudines fint im-
pares, aufer MO = LA, ‘ b coufr.
5..Hp, Bique MD. MO (® LA) ®::cyl. ¢ pyp.
EK (*BH) BQu::circ. BC, EF. Q E.D.d 1% 13,
. D d 3. 2 H”‘
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EUCLIDIS Elmentorsm
2, Hyp. BCEF¢:: DM.OM (LA)f::

| Cyl. EK. EQs:: BC. EF b :¢ BH, EQ

k Ergd cylind, EK =BH. Q.E.D,
* Simili argumento utege-de conis, -

Paor. XVI1,
B Dobus eiroulis AB-
-~ CG,DEF circasden

cemtyum M exiflent-
bus, in majeri criculo

laterwm  inferibere
quod 708 tangat mi-
" Q norem civeulum DEE.

. . Per centrum M
extendatur re&a AC fecans circulum DEF in
F. €x quo erige perpendicularem FH, 2 Bifcca
femicirculum ABC, ejisque femiffem AC, 235
it continud, * donec arcus IC miingr evadatare
cu HC, ab I demitte pcrgcndicularém 1L. Li-

" quet arcum’ IC totum circulum metiri, nume-

ramque ar<uum effe parem, adedque fubtenfan

€ /ih. 18. 4 IC latus effe © polygoni infetiptibilis, quod cir-

d cor. 16,
e 38.1.

"_ culum DEF minimé “continget. Nam HG

4 tangit circalum DEF,; ¢ cui parallelacft IK,

f 34.def.r. extrique fita, f quare 1K circulum non tangin

mul ?uc magis CI, CK, & reliqua polygosi
latera,fongitis A centro djftantiacirculum DEF
non tangunt. Q. B. F, Corell. Nota, quod
1K non wngit circulom DEF. ’

Paer.

G ABCGpepimine
- quilaterum, & poikn
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Pror. XVIL

Duabus [pheris ABCV , EFGH circa idem

centrum D exiflentibas, in majori [phara ABCV
[olidum polyedrism inferibeve, quod wen tangat fuper-,
fciem mingvis [phave EFGH.

~ Secentur ambz (phzrz plano per centrum fa-
ciente circulos EFGH, ABCV, ducantirque
diametri AC, BV fecantes perpendiculariter,
Circulo ABCV ?infcribatur polygopum 2qui- ; 44, 1,
laterum VMLNC , &c. circulum EFGH mi. .
nimé tangens. du@i diametro Ne, ere@ique :
DO re&i ad planum ABC. per DO, pé:q; dia=
metros AC, Ne erigi concipiantur plana
DOC, DON, quzad circulum ABCV *re@a p 18. 11,

crunt, ideéque in fuperficie (phzra ¢ quadrantes ¢ ¢or. 336 -
Dd 4 _CmCi-__
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EUVCLID1S Blewentornns
efficient DOC, DON. in quibus ¢ aprentur
re&z CP, PQ, OR, RO, NS, ST, Ty, 50
ipfis CN,NL &c. pares; & zqué multz. In re-
liquis quadrantibus OL, OM, &c. fnque tota
fpbara cadem conftru@tio fiar. Dico fatum.

A ‘pundlis P, S ad planom ABCV demite
perpendiculares PX, SY, *quz in fc&iones AC
Nz cadent. Quoniam igitur tam fanguli re&ti
PXC, SYN, squim PCX SNY* zqualibus

ripherils infiftentes, f pares fune, triangula

"PCX,SNY tzquiangula fune. Ciim igitur PC

b= SN, Yetism PX =SY, !& XC=YN,
= quare DX = DY, = ergo DX, XC ::DY.

* YN, °ergé parallelz funt YX, NC. quiz verd

PX. SY pares, & cim eidem plano ABCV re-
Gz, ctiam P parallel® funt , 1 erum Yy,
§P ctiam pares & parallele. rergd, SP,NC
inter. {¢ parallele funt. ergd ! quadrilaterum
NCPS, eidémque ratione SPQT, TQRG,
fed & * rrigngulum 9RO totid€ font plana. Fo-
dem modo tora fphzra ejufmodi quadrilateris &
triangulis repleta offendetyr. quare infcriprum

_ eft polyedrum.

A cento D 2 duc DZ reGum plano NCPS;
& junge ZN, ZC, Z3,ZP, Quoniam DN.
NC #::DY. Y3 s NC r = YX (SPJ; pa-
ritérque SP o~ TQ, & TQ - o R. Brauis

.anguli DZC, DZN;DZS, DZP, * redi funt,
,latera verd DC, DN, DS, DP ¢ gqualia, &

DZ commnne, *erunt ZC, ZN, 2S5, ZP -
quales inter {¢; proinde circa ouadrilaterun

. NC P8§ « defcribi poteft circulus, in quo (ob

N§,NC,.CP 4 zquales, & NC —SP) NC
'};lusqum qusdrantem fubrendit, fergofang.
ZC ad centrum obrufuseft. 8 ergd NGqoe
3 ZCq( ZCC?;.- ZNgq). $itNIad AC not-

m ang. ADN ( * DNC
DCN ) i % obeufus, ! ¢erit emiflis ejus UCN
' ' redti
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re&i femifle majors proptercique €o minor &ft
liquus é reGtoang, CNL @ unde INcIC.
ergd NCq (NIq 4+ ICq) * r12 INq. itaq; o 4;: .
IN = ZC. & confequenter DZ 7 e~ DI.stquip 47.1. -
pun&tum I eft 4 extrafpheram EFGH . ergo q e 16.13.
pun&um Z potiori jure eft extraiplam. adeogs ‘
planum INNCPS ¢ ¢ujus * proximum centro pun-¢ 47,71,
¢tum eft Z) fpharam EFGH non contingir. Bt
fi ad planum SPQT demiteatur perpendicularis N
D4, pun&um J,adedque & planum SPQT
adhuc ulrerids & ceatro elongatar, idémque eft
de reliquis polyedri planis. ergd polyedtum
ORQPCN &e. majori fphzrz infcriptum,mi-

- nosem non contingit, Q. E. F.

Coroll. .

Hiné¢ lequirur, Si in quavis alia [phera defiri
batur folidum polyedrum (imile pradsito folido poly--
edvw, praportienem polyedri inuna fpheva ad polye-
dywm in alteve effe triplicatam efus, quam babent
Spberarum duonetri. .

Nam fi ex centris fphzrarum ad omnes angu-

los bafium diorum polyedrorum reétz lince
ducantur, diftribuertur polyedra in pyramides
numero zquales & fimiles, quarum homologa
latera funt (emidiametri fphararum, ut conftat,”
fi incelligatr harum fpherarum minor intra
majorem circa idem centrum defcripta. congru-
ent enim: bi mnué lincz te®x dulte A cemro
fphaeree ad bafium angulos, obfimilitudinem ba-
faurn, ac proprerea pyramides efficientur fimiles.

are ciim Gingulz pyramidesin una (phers, ad
fingulas pyamides illis Gimiles in altera fphzra
a habeant propottionem triplicatam lacerum ho~ , ;. 843, -
mologorum, hoc eft, femidiametrorum [phara- :
rum: it autem b ut una pyramis ad unam pyra- p, 3, ¢,
midem, iti amnés pyramides,-hoc eft, folidum.
polyedrum ex kiscompofitum, ad- omnes guy‘rlf

. midcs,
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mides, id eft, ad (olidum polyedrum ex illiscony
fitutum; habebit quoq; polyedrum unius (pha-

- rx ad polyedrum altertus (pheree proportionem
¢ 15,5, triplicatam femidismetrorum, € atque aded dis.
metroruat, A
*Paor. XVIIL

o

Sphare BAC, EDF funt in triplicata ration
Juarum diametvorum BC, EF,
, Sitfphera BACad ffhxram G in triplican
" ratione diamerri BC dd diametrum EF. Dice
G —EDF. Nam  fieri poteft it G— EDFE.
& cogita fphzram G concentricam efle ipfi EDF
¢ 17.13. .Sphere EDF ? polyedrum fphzram G non
. tangens, (phzrzque BAC imile polyedrum in-
b eor17.13, fcri%atur. ® Hasc polyedra funt in triplicata rati-
¢ by one diametrorum BC, EF, © id ¢ft, {pharz
1 5 BAC ad G. ¢ Proinde fph2ra G major eft po-
' ]yedro fphzre EDF infcripto,pars toto,

Rurfus, § fieri poteft, Gt (phzra G — EDF.
_ Sitque ut fphera EDF ad aliam fpharam H, iti
e byp.iwverf. Gad BAC, ¢ hoc eft in triplicata ratione dia-
£ 14.5. — metri EF ad BC; cim igitur BAC f - H, in-

currimus  abfurditatem prioris partis, Quin
potits fphzrs G = EDF, Q.B.D. ’

R ' “Loroll.
Hinc, ut {phzra ad (phzram, ita eft polye-

drum in illa delcriptusn ad polyedsum fimile in
_ hac defcriptum, - . LiIs
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Pror. L

MSRANP! il linea = fecurdim extremem
N o RD & mediam vationem [ecetur (2. 2
\\<n,f it a.e), majus fegmentum a affu~

RS

pinms patefl ejus, quad & dimsdia te-
tius % defeributur, quadrats,

) ~ Dico Q. a
- N riz=sQ

- 1z, 3hoc eft
1 Z A E S oc ¢

QY mens dimidium tetius ¢ , quintu- -

2 4.3
. b3ary, -
A b+ 42L ¢ 3, 3,

ta=ye 32z, Pvlaaaza=—zz, Namd by &

20472 ¢ 2z, & 26 $Sa2. cergldag p zas
a2, QE.D, '
Pror., 1l

Si vefia linea S 2 a fii ipfis fegmenti k.
quintuplum pefit , duple predicti fegmenti (z)

extremd ac medii yatone [elte majus [egmentum

eft asveliqua pars ejus que a principio velle § zpa,
Dico z.2::a.c. Nam quia per hyp, *2a 4
ez dzzyvidaa iz iz

16. 6,
e 2 &
%, 4x,

4. 3.

a3z,
b 3. a1,

2pza, boerit a2 =z € qUAC Z, aiidiCic 1y, 6,

Q.E.D.
Vid. fig. praced.
Pror. IIIL
Si reéta linéa 2 fecundiim excremaon ac mediam
vationem fecetior (2.3 113, ¢) 5 minks fegmentum
¢ affumens dimidiam majovis fegmenti a, quintu-

plum peteft ejus, quod & dimidia majoris fegmentia '

deferibitur, quadratie

: Dico Q: ¢ 4 12
=95 Q:3a *hoeceft
€€t 4 22 4. caza2

[ - A _
2 — " €az
AN AR 52, byelee_yeag

Za, Nemecpeat=uzed=aa, QE.D.

4 3
3. ax.
3.

b &

) 37. 8
Pror,
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EUCLIDI1S Elementorum
' Prop, IV.

83 refia Lmear fecundim egtremam ac mediam
vationem fecetur (x.a:ta.c), gued a tola 1z,
guédque i minori [egmente ¢ utraque fimd qua-
draa, tripls funt ejus, quod & majevi [egmenio 2
deferibitur, quadrati, .

Dico 17 4 bt

/2‘\ 3 ate *'vel aaece

+ 2 204€C=3 3%,
A . - B Nam ae +ce ==
2t ¢ ar, dergd ad o 3 3¢ 4 CE=3 a1
QE. ma - h
Pror. ,V.
D A C B Siretalizes AB
o] 1 fecundum extremarn

& mediam rationem
fecetur in C, appopativque ei AD aqualis majoi
fegmento ACs tetareita linea DB fecundim ex-
tvemsam ac mediam rationem [ecatur, & majus [e-
gmentumeft que & principio veita linra AB,

N quia AB.AD2:: AC, CB, invettene
ddqut- AD. AB:: CB. AC, erit componende

~ DB.AB:AB.AC.(AD). QE.D.

Pror, VI.

D A c B Si refta linea va-
1

1 tiomalis AB extremd

. - acmedid ratione (e

cetur in Cy utrimguee fegmentorum ( AC,CB Y
yr.niudk eft linea, qum vocatur apotome.

- Majori. ento AC *adde AD=1} AD;
¥ergo DCq=§ DAq. cergd DEq 1a. DAg.
proinde cdm AB, ¢ idedque ejus femiffis DA
fint §. etiom DC eft §. Quia verd 5. 2 :: non
Q. Q.feft DCL DA. sergo DC-AD, id
et AC cft aporome. Infuger quia ACqé = AB.
xBC.& ABeft 5, 3:35»%"(: Rt apotome.
Q.B.D. . Pror.




Cpiber XIIL 33
Pror. VIL ,

83 pentegoni aquilateri ABCDE res angulsy
ffue qui detrceps EAB, ABC, BCD, ffue EAB,

BCD, CDE gui non deinceps fiat , aquales fue- .

rint, equisngulum evit ipfum pentagonum ABCDE.

Paribus"feinceps angulis fubtendantur retz
BRE, AC,BD.

Quoniam latera EA, AB,BC , CD, angu-
lique inclufi * zquantur, ® erunt bafes BE, AC,
BD, angulique AEB, ABE, BAC, BCA pa-
res. 4 quare BE=FA, & ¢proinde FC=FE.

a hyp

ergd triangula FCD, FED fibf mutud 2qui- ¢ 3. .x,
latera funt; funde ang. FCD=FED,sproin- £ &, 1,

religuis 2quatur. quare pemtaonum 2quian-
gulum ef. Q.E.D. ‘
Sin anguli EAB,BCD, CDE, qui non de-

& BE=BD, % ideoque ang. BED iz GDE;

. 1torus preinde ang. AED==CDB, ergd proptee

angulos A,E,D deingeps 27nales, ut priiis,
pencagonum pquizngulun erit. QE.D.

‘E é T R‘Of.

- de ang. AED == BCD. Eodem pa&to ang. CDE § 2- #x. %

inceps, Ratuantar pares,t erit ang. AEB=BDC, I 4 1.

b4 1. ™
c 4 &5.1.
dé 1

k 5.+ ‘
12, 40. ¥
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- Pr 0“_?: V 111,
A si pmtagom equilateid
& equimguli ABCDE
dues angules BCD, CDE,

‘ qui deinceps fint, fubtmdmt

recie lincw BD, CE: he

- N extremd ac medid yatione

! — fe mutis fecant, & majuia

wfarum fegmenia B, 1d

- EF aqu'm fwzt pentagoni lateri BC.
2 544 Girca pentagonum * defcribe circulum ABD.
b 28. 3. b Arcus ED = BC, cergé ang, FCD=FDC,

- 1371 3 ergd ang. BFE€ = 2 FCD (FCDAFDC }.
A4 "% Arqui arcus BAEP=—2 ED, proinde ang.
3.6 gCFe—3 FCD =BFC. f quare BE=pC.
* Q. E.D. Porrd quia triangula BCD, FCp»
f27 3 3 zquiangula funt;h erit BD. DC. (BI ) Co.
& 4.0, ( BF) FD, paritérque EC. EF :: EF, FC

Q.E.D.
' Pror. IX.

Si bexagoni latus BE, ¢
: " decagont AB in codem cive
culo ABC deferiptorum com-

ponaniury 1814 velia linea
A c "AE extremi ac medii vari-
oie fecatut,( AE.BE :: BE,
j AB.) & majus qux[cr, nea-
< tumeft bexagoni latus BE.

A Duc diametrum ADC,
& lunoere&as DB, DE. Quoniamang. BLC

_'f’? %X a4 BDA, éftque ang. BDC b =z DA
b 521, (DAB.,.-DBA), erit DBA (b BDE-+-LED)
«ci 7-4z.1. €= 3 BDA 4= 2 BDE. promdc ang. DDA, vef
¢ sny DABe=ADE. Itaque trigona ADE; ADB
46 'equnm,ula funt, € quire AE, AD. (3BE).

© RS 4t AC.(BE)AB QE D.
Caiys.
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_ Hine, i latus hexagoni alicujus eirculidecéd
tur extremd ac medid ratione; majus illins fo-
gmentum erit latus decagoni ejufdem ¢ cxrcuh.

Pror. X,

Si in civculo ABCE pentagonum’ aquilaterwm
ABCDE deferibatur 5 pentagons latus AB poteft
& hexagens latws B, & decagoni latus AH, in
eodem criculo defcriptorum,

Duc diametrum AG. Bifeca arcum AH in K.
Et duc FK,FH, FB, BH, HM. ; 28 3. ¢

Semicirc. AG _ arc. AC3=AG —AD, b' :;; &
hoc eft,arc. CG=GD *=AH=—HB. ergd , 4,
arc. BCG::BHK,‘adcoquc ang, BFG=12 < 33. 6.
BEK. ¢ {ed ang. BFG = 2BAG. tergd ang. d 20.3.
BFK = BAG. Trigona igitur BEM, FAB¢ =- £ . ¢, T+
quiangula funt. § quare AB.BF :: BF.BM. ; 46"
"ergé AB x EM = BFq. Rurfusang. AFK k=L i7. 6.
HFK; & FA=FH;»quare AL =LH, =& k 7. 3.
anguli FL.4, FLH paresac pro;rdeu&ﬂunt ”:‘2“,}."3. -
€rgo any. LHM“‘—-LAM n=HBA. Trigo- 453 1,
na iz tw AHB, AMH ¢ zquiangula funt,? qua- p 4. 6

E ¢ e
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N7 6 re AB. AH:: AH. 4M vergéd 4B x AN =
o2 2, AHq. Quum igitur ABqr=ABx BM.48
&3 ax. . wA4ANTerit ABq:BFq.q-AHq. Q. E. D,

(ol :
N 1, Hinc, linea re&a, ( FK) qua excentrd
{ F)arcum iam ( H.4 ) bilecar, etiam
reftam (HA4 ) illi arcui fubtenfam bifecar, ad

angulos re&os, -

_ 2. Diametercirculi ( AG ) ex angulo quc-
vis(A) pentagoni duftabilecat & arcum (CD),
quem latus pentagoni illi angulo oppefitum (ub-
tendit, & latus ipium (C‘D% oppefitum, idque
ad angulgs reftos, .

: Scbé’.
Hic, ut promifinmus, praxim trademus expedita®
Problematis 11,4, :

Prablems,

Lresive Jatws pentazoii ciowa ADB i2/Trie
joult, ) i
Dee diametema AD. cui ;erpcm“@‘mﬂ‘k

. L D
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€D ex centro € erige. Bifeea CB in B, Fac
EF=ED. Erit DF pentagoni latus.

Nam BF x FC +ECq.* =BEqb=ED y 6.1
¢=DCq+ ECqdergd BF x FC ==DCq; vel | ""’-“:"'
BCq..¢ quare, BF, BC:: BC. FC. ergd quum g 3 . -
B it larws hexagoni, £ erit FC latus decage- ¢ (7. 6.
fj, proffide DFb=4/ PCq 4 FCq, ¥ el Litus f & 13.
peatagoni. Q.E.F. RO SR

C . h 47+ 1a-
Pror. XTI,
Si in circwlo
ABID vatonalm”
batewte  diamerium
E AG, pentagonim «- .
gailaterii ACDR
Aefiiibatury pentagos
H » laus AB irvacio-.
nili cft lineay gua-
~ vecaluy miinol'.
Lo B SR Dut diametram -
BFH, reQisque AC, AH; & * fac FL =} ra- * 10.6:
dii FH; & CM =} CA. ,
' Obangulos AKF, AIC3 redtos, & commue 3 ¢ 100135
nem CAI, trigona AKF, AIC® zquiangula b 33.1.
funt; eergo CLFKe:CA.FA(FB)4: €4 ¢
CM. FL. ergd pamutando. FK.FL i CL ¢ '35
CM4d:: CD,CK (2CM). ecomponendo e 18. 5.
igitur CD4CK.CK : KL.FL. f proinde £ 2z &
Q: CD+EK. {5 CKg ). CKq::KLq, g1 13
FLq. ergd KLq=19 FLq. Itdaquek BH (5)
yponawir 8,ecit FH, 43 FL.1,& FLq.BL,
s. & BLgq, 25. KLq,s. € quibus liquet BL,
& KL .eflef b .. *idebque BK efle Apoto-'h g 10
men '3 cujus congruens KL ciim verd BLq — }‘97"' o
KLq= 39,'erit BL ‘T3 &/ BL4—KLq. ™une o 8. 6
de BK erit apotome quarta. Quoniam igitur & 176
ABg =] HExBK, e erit AB minor. Q_E. D ; g5, 100
p B - Eeyp Yro¥F.




38  €UCLIDIS Elmeniorsni
' Pror. XII

§iin civeulo ABEC
triangulum  aquilate-
m:%BC deferibatur,
- tvidnguli latus AB po-

tentia triplum eft qus
linee AD, qua exD

centro civewli ducitier,”

Protraltd diamewo

E ad B, duc BE. Quo-

2 eor. 30138 _ _hniam arcus BE i=

2 er 10130 £ €, dicus BE fexed oft pars circumferentiz,

b cor. 15. 4 Y ergd BE = DE. hinc AEq ¢+==4 DEq{4

¢4 BEQ) 4= ABg, + BEq (= ADq). ¢ proin-
¢ Vo1, dcABg=3ADq QE.D.. )

: Ceroll,

1, AEq. ABq:4. 3. o 4
£ ar 8.6 2. AB:}. AF:}’:’: 4.3, fNam ABq. AFq:
&a1.'6. AEq. ABq. .
g o 15,4 3. DF=FE. Nam triang. EBD ¢ 2quils
hcor3, 3. terum eft; B & BF ad BD perpendicularish ergd

: EF=FD.
4. Hinc AF=DE 5 DF = 3 DF,

Prop. XIIL

Pyamiden EGFT emfituere, & daid [phard
| Compledti; & demuefivare qudd [poera dwnxfnf



i Lsber X111,
AB potentic [t [efquialtera lateris EF iplus py=
ramzidis EGFI. T
Circa AB .defcribe femicirculum ADpD.

.3 sitque AC =1 CB. ex pun&o C erige per- , 10.6.
pendicularem CD; & junge AD, DB. Tum

radio HE = CD defcribe circulum HET Gy

cui P infcribe triangulum zquilaterum EFG. b o, 13 4%
ex H < erige TH = CA re@um plano EFG. ¢ 12,11
produc 1Had K ; ¢ itd ut IK = AB, re&dsque d 3. 1.
adjunge 1E,1F, IG. crit EFGI pyramis expe-

tita.

Nam quia anguli ACD, 1HE, IHF, JHG

* rc&i funt; & CO, HE, HE,HG ¢ pares, €2t} o conf -,

IH — AC;feruat AD, 12, 1F, 1G 2qualesin- £ 45, 1.

ter fe. Quiavero AC. (2 CB) CBs:r ACu. § 0.6
CDaq. erit ACq= 2. CDq. itaque ADq f=
ACq—+CDqh=3CDq=3 HEqQ*K=EF . h 2 av.
ltergo AD, EF, 1E, IF, 1G pares funt, aic- X 1% 13
Sque pyramis EFG1 eft zquilatera. Quod il #+6x 1+
punétum C fuper H coilocetur, & AC fuper |

HI, re€tz AB, TH =congruent, utpote 2qua= n 3, 4r.
les. quare femicirculus ADB axi AB, vel IK )
civeumduftus © tranfibit perpandta, E, 5,6, 15, 4ef 1.
* adedque pyrarais EFGI {pheer® infcripta erit, * 31, defixs.
Q. E.F.

liquet vero efle BAq. ADq © :: BA, AC?::6 cor 8.6,

3. 2. Q.E D, ' p-confir,

3 1'9{

Coiollaria. -

1. ABq. HEq:: 9.2, Nam i ABqponatur
9, erit ACq (EFq) 6. 1proinde HEq erit 2, q 12,134

2. AB.LC:: 6, 1. Nam fi AB ponatur 6 '
evit AL, 3;* idedque AC 4; quare LC erit 1 ¢ constrs
Hinc , K

3. AB. HI::6, 4:: 3. 2. unde

4 4Bq.HIg: 9, 4,

"

Ee 4- Pros!
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Pror. XIV.

L OFaedrum K- !
EFGDL cochi-
G tuere , & dad
pbari comilh,
qud & pyrami-
dem; & demn
fleare, quid [pe-
¢ 7a diamerer AH
potentia ftduis |
_ tateris AC ipfia
. Oc¥aedyi. ,
Circa AR deferibe femicirculum 4CH, «
eentro B erige perpendicularem BC. duc AC,
a 46.1.  HC, Super ED = 4C* fac quadratum £FGD,
cujus diametri DF, EG fecantes in centro k. ¢x
Woazost Y ducIL = 4B b re€tam plano EFGD. prodis
¢ 3-t IL, ¢ donec JK =1L, Connexis KE, KF, -
KG,KD,LE,LF, LG, LD; erit KEFGDD
cétaedrum quahirum, S
Nam 48, BH, FI, IE, &c. aqualiuin que-
dratorum femidiamerri aquales kune inter e
14t <. quare triangulorum re®zngulorm L12,L1F
: FIE, &<, bales LF, LE, FE, &c, mquanw,
proinde o&o triangula LFE, LFG, LGD;
LDE, KEF, KFG; KGD, KDE zquilaica
3 27. defi11. funt, ¢ atque o&aedrum conflituunt, quod {phz- | _
. re.cujus centrum 1, radius IL, vel AB inlcribi
confir, oreft. (quoniam AB, IL,1F, IK, &c. fzqu-
' ' fes funt) Q.E.F. porrd, liquet 4Hq. (LKY)
g 47.1. $=124Cq( 2LDj). Q.ED.
Cerollaria. .
1. Hinc manifeftum eft, in O&aedro trs
- .- diametros EG, FD, LK fe mutuo ad angulss
' . reQos fecare in centro (phzrze, . .
2. Iem,tria F!ana EFGD,LEKG,LFKD
.. efic quadrata, {e mutuo ad angulos _re&os k-
ntia, . '

3 .0&



Liber- XTIL: 3217
3, Ofaedrum dividitar in duas pyramidess
fimiles & zquales EFGDL, & EFGDK, quar
" tu bafis communis el quadratum EFGD.
4. Denique , bafes o&aedri oppofit inter fers. 1o,
pesallslz funt, :
s . Proe. XV. ‘
M Cubum TF--
* GHIKLM.
- comfituzre, &
fphaid complc=-
€y quid’ &
prioves, fiuias;
F- & demonfliaic, :
quid [phare = *
; , diameter 4B
o potentid 1t trip'a latesis EF ipfius cubi. ..
Super 4B deferibe femicizculum £C8 ;5 &
o Mo dB=3 DA, ex D.erige perpendicularema 1e:6, -
<. DC, & junge BC 3c:AC. Tum fuper EF =
. £C ®conftrue quadratam EFGH, cujus planob 46. 12
el infiftant EI, ¥K, HM, GL ipli EF pa-
Tes, quas connecte reéiis 1K, KL, LM, IM. So-
- lidum EFGHIKLM cubus cft, ut fauis conftat
¢xconftru&ione, :

. In quadratis oppofi:is EFKI, HGLM duc
 diametros BK, F1, HL, MG, per quas ducta: .
~ para EKLH | FIMG /e interfecent in reéta’

" NO. Hzc diametos cubi EL, FM, GI, HK".
¢ *?‘k‘abi.t in P, centro cubi. 4 ergd P centrum ¢ com 342
erit (pheta per pun®a cubi ang arigtranfeun--g‘ 3 d’f}f 0
v ?s.\ Porrd ELq e=gKq+ KLqe=3 KLy, ¢ 4;: e
4¢3 ACq. arqui ABG. ACq 5::BA. DA cenjpr.
3.1 bergd AB=EL. Quare cubum fcj- § e 8.6
sl e, Q.R.F.. - . hig s
SR . forsll
&Q;' Hinc, omnes diaaretri ¢ubi inter fe®qu.1a- -
s am““;," (eséque mueud in centro fphrrz bile-
L S4i6nque ratione re@te que quadrate~
o A7 Fpolitoram gucentsy conjunguat, bifecantuc*
ol ceago, . JEC S 2:Diae-

———tig
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ko 2, Diameter (phara poteft latus terraedri, &
T m'5)5, cabi, nampe ABq*=1BCq .= ACq,
, 3! - 5
ro Pror, X VI,

Icofaedrum ZGHIK F-
YVXRST conflicuere ,
& fpbard completti, qui
& antediitas fiouras 5 &r
demopfliare , quod icofa-.
. &drilaws ¥ G irvationalis
ef} linea, que vocatir mi=
nov,
Super AB diametrum . -
fpharz defcribe femicir~
2.19.6.  culum ADB; &* facAB-
: = $;BC, ex C erige
normalem- GD, & duc.
AD, ac BD. Ad inter-.
vallum EF = .BD de- -

fauibe cigeuld EFINGy

-




Liber- X1’ . 273
beui inferibe pentagonum zquilaterum FRTHG b o
Bileca arcus FG, G &c. ac conneéte rectas

FL, LG, &c. latera nempe decagoni, Tunc .
cerige EQ, LR, MS,NT, OV, DX iph tF ¢ 12,11,
zquales, reftisque plano FKNG. & connedie
RS,ST, TV, VX, XR; item FX, FR, GR,

GS, HS, ST,HT, 1T, IV, KV, KX. D

nique produéta E%fumc QY=FL; & EZ.

— FL; reltasqueduciconcipe Z2G, ZH, Z1,
ZK,ZF33c YV, YX, YR, YS, YT. Dico fae

&tum. "

Nam ob EQ, LR, MS§,NT, OV, PX ¢ x-H eonflr.
quales ¢ & parallelas; etiam quée illas jungure, € 611 &
EL, QR, EM,QS,EN,QT; EO, QV, E P,

QX f pares & paralicle {unt, Itemided LM-f 33.1.
(vel EG), RS, MN, ST, &c. zqualesfunt ine-

- ter fe. 2ergd planum per EL, EM &c, plano g 55, 112 !
per QR, QS, &c. xquidiftans, 5 & circulis b aody 304

QXRSTV écentro Q, circulob PLAINO -

qualis-eflarque RST VX cft pentagonum @ 3iis

lateram. Duciverd inwileltis EF, EG, L,

&c. ac Qx, QR, Q5, &c, quia R} k=k 47 1.

FLq —«+ LRq!vlEFqm=FGq,n grunt FR, ¢oe

TG, adedque omnes RS, FG, FR, RG, G, ;' f‘; ;;(

GH, &c xqualesinter fe. Proindesotrianzu- g7y 4p

la R¥X, RFG, RGS, &c. 2quilatera funt &«

zsualia. Rufus obang, XQY* redtum ; crit 0 ¢or 141t

XY P= QXq 4. QY ¢ =VXa vel FG1L P ‘:Z:s

quare XY,VX, hisque fimiluer YV , YT, ¥5, LR

YR, 2G, ZH, &c zguantur: Er3éalia de- -

cem trigona conftituta funt xquilatesa, & x--

qualia tam fibi mutuo, quim decem prioribuss

ac proinde faCtum cft Icofaedrum.: :

Dored, bife@i EQin a,duc reQus o F, aX,

@V & proprer QX '=QV, & commune 1atus ¢ 15, dif 5.
a®; annuldsy; EQX, E'QVredtos; ferit aX == { 4 &
aV, fimilique argumento omnes, aX, aR, as,
aly aV, <k, «G, al;, al, aK zquatur,

Quisy



324 EUCLIDIS Elementorum
t9.13.  Quoniam autem ZQ, QF ¢ :: QE, ZFE, erit
433 ZxgezgEaq==EQq(EFq)~+Eaq?=aFq.
Y 471 ergé Z1 = aF. pari patto aF == Ya. €rzo
g) 2r1, cujus Centrum a radius 2F per 12 pun-

a icofaedri angularia transibic.
z 158, Denique, quia Zx.aE: : ZY, QF; * idedg;
! f"s" Z2q, aEq :: ZYq. QEq. b erit ZYq =
P %‘.q,vcl § BDq=—:acjui ABq, BDq¢:; aB
inar 3, BCIzg. 5, dergd ZY==AB. Q.E.F.
¢ fib.12.50,  Ttaque i AB ponatur f,eerit EF =,/ ABy
P L83, eriam g proinde FG pentagoni, idémque Ico-
* facdri g laws, fetminor, Q. E.D:

(vel.. -

1, Ex dittis infertur, (phaerz diametrum o2
rotcmii uintuplum femidiametricirculi quieg;
azera icofaedri ambientis,

2, Ttem manifefum eft, {phzrz diametrun
ffe compofitam- ex latere hexagoni, hoc eft, ex
femidiamerro, & duobus lateribus decagoni cis-
culi gmbientis ﬂx:inquc latera icofaedri.

3. Conftat denique latera icofaed:i oppofita,

2131, qualiafunt RX,H1effe parallela, Nam RX? pa-
o feb. 26. 3. vall, LP. b parall, HL o

PR
i

Paorp,
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Pror. XVIL

Didecaedrum. conflituere, & [Phoeri complelts,
qui & pradiffas figuiasy & demonflrave, quod
dodecaedri lats RS ivrationalis eft Linea, que voce-
tur apotome.
Sit ABcabus datz (phere infcriptus, cujus
Rtera omnia bifecentur in pun&tis E, H, F, G,
K, L, &c. reftzque aljunzantr KL , MH,
HG, EF. 3 FacHL.1Q:: IQ.QH; & fumea 30.6
NO; NP pares ipfi IQ. Erige OR,, PS reQas 5
Pano DB, & QT plano AC, sintque OR, PS,
QT iplis TQ,NO, VP zquales. Connexis DR,
RS,SC, CT, DT, erit DRSCT pentagonum
Dodecacdri expetiti, Nam duc NV-.ppralf.OR,
& protrald NV ad occurfum cumcubicentro
Yol reflss DS, DO; DP, CR, CP, 3 4707,
HYHT Ry Quis DOy =DKQ (*KNy) ¢ 7'iy. " -
KO ez; ONj(3 OR7) 4 etk DRy%d 47. 10,
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EVCLIDIS Elementorum

= ¢4 ORqe=0Pq, vel RSq. ergéo DR =RS.
Simili argumento DR, RS, SC, CT, TD pa-

F conffr. 9.6, res f{unt. Quia verd OR f== § & parall. PS,

it
33.1.
9. I,

k 7.1t

k.(mﬁr.

1611,
m 33.6.

n_ 1, & 2.11.

© 5 1%
p 47 1.
q 1.4x3,
& 4.13.

43,
f8.1.

T 1513,
w1 .a4X. I,
X 29, 1.
%47 1.
a4 13
B oas, 13,

e.conft:.
d 15 9.
e 15.13.
f b1z, 1o,
g 6. 3.

s.erunt RS, OP, & B conlequenter R3, DC e-
iam parallel2; » ergo he cum fuis conjungenti-
bus PK,CS, VH in uno funt plano. quineiam
quia HI. 1Q *:: IQ (TQ).QH *: : HN.
NV; &tam TQ, HV, quim QH, NV ¥ rec-
&tz eidem plano, ! adedq; & paraileiz exiflans,
merit THV refta linea. » ergé Trapeziva
PRS, & triang. DTS inuno Lunt piano per
re¢tas DC, TV cxeenfo. ergé DT CSR. it
pentagonum, & quidem 2quilaterum ex antedi-
&is. Parrd,quia PK. KN :: KN. N &
DSqr=DPq-+PSq (PNQ) =? DKq+TK4
—+ NPq, teritDSq=DKg+3 KNg =4 DKq
(4 DHq ) r==DPCq. erzé DS =DC; unde ti-
gona DRSS, DCT fibi mutué zquilatera furs,
Tergdang. DRS =DTC; & eodem padtn ana.
CSR = DCT. ergo pentagonum DTSk
etiam zquiangulum eft. Ad hac, quia AX. DY,
«CX &c funt cubi femidiametri, teric XM=
1H, vel KN, vadedy; XV = K P,und= ab anzu-
lum*re@um R VX, 2 erit RXq=XVq +.R V2,
(NP3 ) = KPq 4 NPqa=3 KNq'=
AXq,vel Dxq &c. ergd RX, AX, Dx, & ca-
demratione XS XT, AX zquales funt inter
Et i cidem methodo, qud conftru&um <!t vens
tagonum DTCSR, fabricentur 13 fimilia peas
rtazona tangentia duodecim cubi lazera, ea {300
decaedrum conflituent; ac per corum punéia ar-
guiaria transiens fphara,cujus radius AX,uel Ry,
Dodecgedrum completterur. Q, E. F.
Denique, quia KN.NO ¢: : NO., OK, ¢
erit KL, OP :: OP, OK 4 PL. Irapei
{fphyrz diameter AB ponatur 5, et KLt =/
ABfeiams. sunde OP, vel RS latus dodeca-
3 cliapremeenit, QE.D. .

‘;l}; Uf?) -



Liber X111. ’ 3
Covoll, '

1. Hine, i latus cubi fecetur extrem3 'ac mea
dii ratione, majus fegmentum erit latus dodeca=
edriin eadem fphaera defcripti,

- % Sire€te linex e&2 extremi ac medii ra-
tione, tninus fegmentum {it latus dodecaedri,ma«
jus fegmentum eric latus cubi ejufdem fphera.

3. Liquer etiam latus cubi zquale effe lincae
reCtz [ubtendenti angulum pentagoni dodecae-
dri cidem fphard comprehenti,

Dror. XVIII. N

Lateva quin
! G, ﬁgumruiz ezi
ponerey, & in-
ter fe compara=
re, ,
Sit AR dia-
meter {phare,
ac AEB ferpi-
circulus, sftqs
AC*=1AB; 10.1.
\ &AD bP=10 10,6
™ AB.;Erige per=
KD 1 F pendiculares
4 < CE, DF, &
3G = AB. junge AF, AE, BB, BF,CG ex H
demitce pecpendicularem HI, & fumpid CK =,

CI, ex K erige perpendicularem KL, & conse-
¢ie AL, Deniquec fac AE.AO: : AO.OF: o o o
Liaque3.24::AD, BDe:: Apg BFg,la- 4 confir.
s Tetraedi, & 2.1:*°ABAC:: ABQ.BEq "7,
¢ Jarus Oétaedri. . - O 6.

Ttem 3. 1. ¢ 11 AB, AD ¢:: ABg. AFq. ’l“s" ‘13;"'
% larus Hexaedri. :

confte.
Dowré quia AF. AQ. i AOs OF. "XC‘; k cory g 13»




-
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1 4.6 AO latus Dodecaedri. denique BG (2 BC).
mis5. BCUL:HLIC megoHI=:2CI =K.
n comir.  ergé Hliq ° = ¢ Cly. proinde CHgP =3
042  Clq9ergd ABg= s KIq. iraque KT, vel HI
z g g, ¢t radius circuli circumlcribentis pentagonun
¥ cor. 16,13, icofaedri, & AK, vel IB ¢ eft latus decagoni ¢i-
{1013, em circalo infcripti. unde AL eric latus pes-
t 16.13.  tazoni, tidénque Icofaedri latus. Ex quibus li-

quet BF, B, AF efle) G & AL, AO efle >,

‘-, atque. BEC~ BE; & BE . AF;ac AF

a6 AO. Quia verd-3 AFq = ABq* =5 KL«
44 AFxAOC AFxOF, idcoque AF x AOD-
T e, —+AFxOFc 2AFxOF, 7 hoceflt AFg
a47-5 | C23A03%eit3 AFq (s KLq) - 6 AOy

roinde KL o~ AO; & fortiis AL = AO.

Jam verd urt hec latera numeris exprimamus,
8i AB ponatur'y/ 60, erit ex jam di&is ad calcu-
am exalis.BF =4/ 40. & BE == 4/ 30. & a}
= o/ 20.item AL = 4/: 30— 4/ 180 (nim
AK =y 15 o/ 3. & KL (HI) = 4/ 12)
o d‘zniql)lc AO =y : 30 = ¢ s00 (4 25 =
. PRy

SCHD L.:



Liber XIIL. . 3

SCHOL.

Prater jam dict.as firurar mallam dari paffe figu-
sam folidam requlavem (sempe qua figkris plams or-
dinatis & aquilibus cmripztmrz admedum per/pi=
cuwm eft. Nam ad anguli folidi confitutionem
requiruntur ad minimum tres'anguli plani; 2 higs 2 23. 11
onnes fimu} 4 reXtis minores. efie debent, » At- bz"“'ﬁ"."‘
qui_ & angulj trizoni zquilaceri,4 quadrarici, & ° "
3 hexagonici figillatim 4 reQos ex2quant; qua- B
tuor verd pentagonici,3 heptazonici, 3 o&tagoni--
ci,&c.4 reCtos excedunt.ergo ff’a}um_modo €X3 4,
vel § triangulis zquilatetis, ex 3 quadraiis , vel
3 pentagonis effici poteft angulus folidus, Tre-«
inde praeter quinque przdita, nuila’ exiffere
poffunt corpora regularia,

o, o Nmed . e v . .
TR SR P & ST Y
e . “

C e

N, . .
Sty

Ex P. Her;;goni‘o. o

i /Progmim [bare, & § fglirémm reg#!m'iu}t
eidem infcriptarim. r

St diametey fphzrz 2 , Erunt
" Area circuli majoris, 6, |i_33 8.
Sﬁper&ties circuli majoris, 3,&1 9. : o
Superficies (phare, 12 L;{& 37. -
Soliditas (haere, 4 L1879, '

Latus tetraedi, ¥ |62299. ‘
i f3’ Latas
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EUCLIDIS Elemeriirwn

_ Superficies tetraedri, 4 6188,

Soliditas teiraedri; ol1s132.
Latus hexdedri, 1 L2 s47-
Superfici¢s hexaedri, 8.
Soliditas hexaedri, 1 L5396
- Latusoftacdri, 1 |41421,
fSnpcrﬁcics oftzedri; 6 |9282,
Soliditas oaedsi, 1]33333.
Latus doéecacdri,o 71364.
Superficics dodecaedri, 10 ux_ﬁz. :
Soliditas dode;:aedfi, 2 |78516.
Latus Icofaedsi, 1 |os146:
.Suyetﬁcies Icofaedri, o 15_7454.
Soliditas iqo(_';e_dri,- 3 |$361%

1

|

u

VPR A 4

]

~



Liber X1IL-
R)d fi ex chartn sonficiantay quingue figura

. equilatera & aquiangule friles bus, que [unt in

syjecta figura , compoutnuy quingwe figura [oli=
e, fiisé complicentur. )

v
n
-,

LIS
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Prer. L.

1

W e 2x D
N centro cir-
S culi cujuf-
< giz‘i ABC

cirenlo inferipti lat s BC
ducitur  perpendiculars
o> « DF, dimidis. eft- utui-
R wfaut lipek ful, & late-
f - e _ riahexagoni DE, ¢ late-
Wadecagtui EC eidem civculo ABC infevipti,
"~ Sume FG=TFE, & duc CG. 2 Etque CE
= CG.trgd angi CGE®* =CEG » = ECD.
ergd ang. ECG ¢= EDC 4=} ADC e=
.. 2CED (1 ECD). proinde ang. GCD =
T BCG=EDC. $ uat D6 286, (CLEYL -
gé DF = CE+(RG) 4+ £F = DE + CE.

.E-D- 2

Fror. I

' Si bine velle lura
A GEC - AB, DB exn;mé’ a

N medid vatione fecentur
'1.’ H4EF (AB.AG:AG. G
& DE. DH :: DH. HE) iyfie iimiliter fecabun-
sury in eafdem [iilicet propersionss. (AG. G 3 i
DH.HE.) ,

Accips BC = BG; & EF=EH. Fftue
ABxBG *= AGq.quare AC] *= 4 ABG
. =+ AGy c = § AG]. Similiter ¢rit DFq ==
5 DHY. dergo A€.AG:: DF. DH, compa-
nendo igitus AC « AG. AG:: DF & BH.

H‘




Liber XIVY . 333
BH. hoceft 2 AB. AG.:: 2 DE. DH. £ pre+ ¢ 22.5.
_isde AB. AG :: BE.DH. unde fdividendo f '7-5-

AG.GB : DH.HE. Q.E. D. o

v ) : -
| . Pmor. IIL |
| A .

B D

Cc—~>P - '

G
1 — x‘ \
°  a

Ydem civculus ABD comprebendit & Dodecaes
i penitagonum ABCDE , & Icofuedri triangu~

ivm LMN, eidem [phara infcriptorum. u feb 47,3
Duc dismetrum AG , reRésque AC, CG,'P 36

Sitque IK diareter fphere, & IKq = ¢ OPq. § :7,'

*fatque OP. OQ_::-OQ. QP. Quia ACq e 10.13.

+CGq c=AGqi=4 FGq; &ABqe=f31,&3.a.
EGq + CGY, ferit ACq+ ABq == y FGq. & & 13-
'pofro , 'quia CA,AB¢:: AB. CA.— AB; ac ..

16. §

3.8

op. 0Q_:: 0Q. QP. *idedque €A, OP =: k 2'2.;'.&4:5. .

AB. OQ. kerit 3 ACq ('IKq). y OPg 11513,

(n1Kq) : 3 ABq. §OQq. ergd 3 ABqe=y m comfird "~ |

0Qq. Veriim ob ML = latus pentagoni circu- 2 1"
lo inferipti, cujus rading OP, erunt 15 RMgq p 10, ,33'

n cor. 16,13, .

c= sMLq? = § OPq «+ 5 OQq =*3 q 1350 -

ACqQ —+ 3 ABq 1= 15 FGq. *ergd RM * Prids.
=FG. {proinde cicc, ABD =eirc. LMN, § " 4% L

QED, SRS

Paor,

& fch. 4834



b 411,
€ 15. 5.
d 6. ax,
€ 17.3.
Fart,
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EUCLIDIS Blawwirani
' Pror. 1V,

D

H

§i ex ¥ centyo civeuli pentagomuom dodecs:di
ABCDE circumfcribentis ducatur perpendicuiar’s
¥G ad pentagoni urmum latus CD; Evit quod juo
ditto latere CD 5 & perpendiculari ¥ G compre-
beaditur veClangulum trigefies fumptums o icofacdri
uperficied e. item,

f??;ﬁ:x c;’::l L civculi iriangulum icofacdri HIK

Circumferibentis o perpendicularis LM ducatyr ad

triamguli wyum latus . XIK, erit quod (ub ditto late-

ve HK 3 & perpendiculari LM comprebenditur

vekangulum trigefies (umptum, icofaedii fuperficics -
e

Duc FA; FB, kFC, FD, FE. ? Erznt trian-

" gula CED, DFE,EEA, AFB; BFC zqualia,

atqui C DxFG =2 triang. CFD. ergo 30

- CDxGFe=60 CFD%=13 pentag. ABCDE=
- fuperf. dodecaedri. QE.D

"Duc LI, LH, LK. éftque HK x LM =
triang. LHK. ergd 30 HKxLM §== 60 HLK
= 20 HIK B = fuperfic. icofaedri. Q. E. D.
N o carall. _

CDxFG.HKxLM & :: fuperfic.dodecaed. a3
fupe:t, icofazdri,” o

Provy,



Liber XIV. 335
Prop. V.

Superficies dodeca=
I edri ad fuperficiem
icofaedri in eadem
[Phara defcripti ean-
dem proportionem ha=
bet,quam H latus cu-
bi ad AD latus ica-
faedyi, ’
Y~ Circulus ABCD
* circumicribat tam 3 3,144 °
.- dodecaedri pentago- -
num, quam icofaedri triangulum 3 quorum la-. L4
tera BD, AD;jad qua demittantur ex E centre
perpendicularess EF, EGC. & conne&ta-
tur CD.
uoniam EC 4. CD.ECP :: EC.CD.erit p 9, 13,
EG (4 EC4CD).EF. (43 EC)esEF. c 1,14 !
EG—EF (1 CD).awqui H. BDf::BD.Hw d cor18.13,
BD.sergd H.BD i: EG.EF, proinde HX EF § 133 '
=BDx EG. quum igitur H. AD»:: Hx EF. ¢ ,.',,Z' '
' ADxBF, erit H, AI% ::BDx EG, ADxEF h 6.
:: ! {uperfic, dedecaedii ad fuperfic, icofaedsi, k 7. 5-
QE.D. - ) - 1 cor. 4.1

4

Propr.
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@ eor. T7.13.
b 12,13,
€ 413,
4 i5.5.
€214
f 21.6,.

a3 l.4.

b 47. 10

c MS [EN

EVXCLIDIS Elementorum
Pror., VI.

Sivedalinea AB
fecctur extremd ac
medid ratione 5 evit
ut recta BE potens
id, quod i tota ADy
& id quod & mucs
Segmento AC ad re-
Stam B, poscntemid
wod 2 tora AB, &
td qusd a minoi
fegmento BC 5 ud

" latus cubi BG ad latus icofaedrs BK cidem [pha-

r& cum cubo inferipti.

Circulo, cujus [emidiameter AB, infcribantur
dodecaedri pentagonum BEGHI, & icofaedri
triangulam BK L. * quare BG latus cubt erit ¢t-
dem Ipher infcripti, igiur BKqb=3 ARg; *
& Eqc=3 ACq.crgd BKq.Bqd:: ABq.ACq
¢ :: BGq. BFq. permutando igitur BGq. BKq
BFq. Bq. funde BG. BK :: BF.E. Q.E.

Prer. VIIL

Padecacdrum eft ad Ieofacdrum, ub cubi lats ad

latus Icofuedvi, inuna eadémaqu: (phaia in{cripii.
Quoniam ? idem circulus comprehendit & do-
decacdri pentagonum & icolacdri triangutum,
b erunt perpendiculares 3 ceatro {pheerz ad pla-
na pentagoni & trianguli dutze inter fe 2qua-
les. itaque fi dodecaedrum & icofaedrum intcl-
ligantar effe divifa in pyramides , du@is rettis
a cenuo [phzrx ad emnes angulos, ompivm
pyramidum sltitudines erunt inter e xsua'es.
Camigitur pyramides xqid elee < fint vt bajzs,
& Sipaificies dedecacdri fir 2qualis 12 penti-
goais, fuperficies verd icolacdri 20 trianzu'is;
YR

o
¥



Liber XTV. Ty
erit dodecaedrum ad icofaedrum, ut fuperficics
dodccaedri ad fuperficiem icofaedri, ¢ ioc eft, ut d 5+ 14-.
latus cubi ad fatus icowedri, : ‘

Proe. VIIL. |
. B Idem civcim.
s BCDZ
comprebendis
r.cuki qua-

E
[ B 44 BcDE
\ o oiFacdri tii-
— aneudii FGH, |
ejujdem Sphara.
Sic A diameter [pher2. Quoniam Aqiz=3-2 15:13.
BCq b= 6 Blg; itémque Aq < = 2 GFq. b 471
d "6 KFg; erit BI == KF. ¢ ergd circulus § 1% 17
CBED:GFH- Q-Eu D:» ’ Lo e.z.d.rf. I

] .

c

Gg LIR:
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LI B. XV.

REY

Pror. L

N@ N, dits tuls ABGADCYE py-
NN ramidem AGEC deferibeve. |
(@9 Ab angulo C duc diametros
4 CA,C6,CE;Eisque.connefte’
d AN diamerris'AG-,”GE, EA. He
AL " omnes inter fe* 2quales funt, ut-
. pote #qualiom quadratorum Memerti. ergd tri-
angula CAG, CGE, CEA, BAG. zquilatera
funt, 3¢ xqualia; proinde: AGEC eft pyramis,
t 31, defir, quz cubi angulis Mfiftir, eigque idciseo b inferi-
b, QEE T, P T

[y



Eibgr: XV. - 15
‘."Pt‘top,-.; }lli‘ - ' -
In datg pyramside
* ABDC oiiaediun
- EGKIFH defenbere.
X v pifeca latera pyra~ 5 10, 1y.
° midis in pun&is E, I,
- FK,G,H qua con-
= nefte 12 reflis EF
' F D FG,GE &.Hzom-
nes ® zquales funt inter fe. proinde 8 trianguia b-4. 1..
"EHI,IHK, &c, zquilatera funt & zqualis,ace- |
&quc confltinunt © oftaedeam 4 in data pyramide ¢ 29.dcfirs .-
defcriptum, Q_E.;F. o 4. 315, def 1t

o e

Prer 115 -

C H°
1r dato tsbo € HGBOD EE A offacdiwe
WPQSOR' deferibere. .
»~- Connede quadratorum®centra N,P,Q,S,0, » g4,
R, rzreftis NP, PQ,, QS &c. quz® xqualia 5 , ,
- funtinter (e, idedque § triangula efficiunt #zqui-
latera & zqualia. proinde binfcriptum eft cubo y 31, & 27,
®QOftacdrum NPQSOR: Q.E. F, def. 12,
Gg 2 ERozi.




340  EOUCLIDIS Elementorsm

fxor-. 1v.

In dato Oftaedro AB-
CDEF cubum inferibere.
Latera pyramidis E-

D ABCD, cujus bafis
_ quadrastum ABCD, bi-
fecentur re&is LM,MN
NO,0OL; quaz ? 2qua-
les funt; ‘:‘lc:dparallelx la-
teribus quadrati ABCDr

¢ Sergd quadrilaterum L-
MNO eft quadratum.
Bodem modo, fi latera
quadrad LMNO bite-
centur in punis. G, H, K, I, & connetantur

GH,HK KLIG,erit GHKI quadratum, Quéd

fi eadem arte in reliquis § pyramidibus otaedri

centra triangulorum re@is conjungantur, deferi-

bentur- quadrata fimilia & aqualia quadrarto-

GHKI. quare fex hujufmodi quadrata cubum
conftitaent, qui quidem intra o&aedram delcri-

431, d:fat, pras erit , 4cam o&o ¢jus anguli tangant oltc
eQacdri bales in caram contris. Q. E.E.

Faor,
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- Aober VG 34

Ps 0-2; v ’

Lz date- Icofaedro O Baedrum inferibere.

Sit ABCDEF pyramis Icofaedri, cujus
bafis pentagonum ABCDE ; centra autem tri- * §. 4.
angulorum G, H,I,K, L; que con-
ne&tantur refis GH , HI, 1K, KL, LG. "
Eriv GHIKL pentagonum dodecaedri infcri=
bendi. = i . :

Nam re&tz PM, FN, FO, FP, FQ
per centra griangulorum tranfeuntes 2 bife- ; oy, 3 3,
cant bafes. b ergd re@x MN, NO, OP,,
PQ, QM zquales funt inter fe. quinetiam
¥M, FN, FO,; FP, FQ ¢ pares funt.
¢ ergd anguli MEN , NEO, OFp,¢#*™
PF%, QlM xquantur. péntagonum igi—‘l 8.z
tur GHIKL zquiangulum feft; eproinde & , P
zquilaterum, cim BG, FH, FI, FK,FLfpares f 13,13,
fint, (%u‘m fi eddem arte in reliquis undecim -
pyramidibus icofaedri, centra triangulorum re-
&tis lineis cope&antar, defcribentur pentagona
zqualia & fimjlia pentagono GHIKL. quam-
ebrem xp,hu;_{:fmoii pentagona dodecaedrum;

G.g 3, conllis. -

1.
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343 EvCLIDIS Elementorum, &c.

: conftituent; quod quidem -in icofaedro erir de-
feriprum, cum viginti anguli dodecsedri in cen-
tris viginti bafium icolaedri -conftant. Qua-

. propter in dato icofacdro dedecaedrum defcripli-
mus, QE- Fc Pﬁ

FINIS )




