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‘Benevolo LEcror1,

2RI quid in bac elementorsum
2 editione praftitum fit, fcire

R-ZEW) Cipe pro gemio operis, brevi-
i2er. eAd’ dmos pracipue fines conatus
‘wieos direxs. Primum st cwm requifita
perfpicnitate [usmmam demonfirasionum
brevitatens- conjungerems, quo eam li-
bells molem compararems , que commyde

abfque wmoleftia circwmferri poffes. 1d

guod affecutnus videor,. fi abfentem Typo-
graphi cura non fi tretur: Concivnins .

'71 défideras; .amice Leclor, ac-

-enim quifpiam meliori ingenio , ant ma-

jori peritsd excellens, as. newo forfan bre-

vins plerdsque Propofisiones demonfira-
verit , prafertins cum in numero ¢ or-
dine propofitionsm ipfe nibil immuti-

vgp, nec licentiam wmibi afflumpferim’

Guamcunque - propafitionems Esclideam
procul ablegandi tangmam minks mecef~
Jariam, ant guafdam faciliores in axion.
masum senfum referendi’, quod monnwlli

fecerunt; inter Guos perisiffimus Geome-

tra A. Tacquetus C quem ided etiam
nomino , (quod quadam ex eo defumpra -
agmfcere. honeftum duco ) poft cujms ele-

Janti/fimam cditionem, ipfe nibil atren-
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- Ad Letorem. |
tare voluiffem, fi nom vifum fit’ﬁf"ﬁj
&tiffimo viro non #ifi ofto Euclidis Zibros,
[ cura adoynatos publico communica-.
ve, - reliquis [eptens , tanguam ad ele-

menta Geometrie mings jpe&mi&tc >
omnine quafi [presis atgwe pafthabitis:’
CMshi autem jam ab initio alia provin-:.
cia demandata fuit', non slementa Geo-'
metrie utcangne proarbitrio conferiben~
di, veram Euclidem ipfum; esemqse to- .
tam, quam poffems breviffime; demon-
Jirandi. Quod enim quatnor libros fpe-
Cat, [eptimum, oftavwm, nonum, deci-

mum, quamvys il ad Gesmetrie dline
& [olide elementa, ut [ex pracedentes ;
& duo fubfeqmentes, non tam prope per-
tineant , qudd tamen ad res Geometric.es
Admodnm ntiles fint, tam proprer Arith-
metice & Geometrie valde propingnem
cognationtm, qRam ob notitiam commen-
Surabilinm c5 incommen[wrabilinm ma-
Lritndinnms ad fignrarom tam planas

zum, guam [olidarum apprime neceffari~ |

am , nemo eff & peritidribms Geomerris

gui ignorar. Qe verd i tribus witdmis.

Gbrss continetar, § corporswm regwlari-
#m mobilss contemplatio , illa non wif in-
jwria pratermitti pornst , quando nempe

sllins gratia mfter suxioms , Platonica
Samilia philofophsws, boc elementorwm h-
Fema univer[um condidiffe perbibetars

o wt:




; Ad Leftorem:

Rveffis of * Proclus , iis-verbss, "0%w * lib. 2,

\ ~ 14 3 ’ ! .
| % TS RTdons swyea s TEAD: st

e 7l 5 narguiiey Aamonindy op..

irw scaoy. Praterea facile in anis
wm induxi ut opinarer, nemini harum:
ientiarnm amanti won futurum effe.
rdi, pewes fe habere integram Euncli-.
wm opwt , guale paffim ab omnibus ci-
twr, & celebratur. Quare nullam bi--
#m, nullimqne propofitionems negligere
Aui earum, qne apud P. Herigonmum
themur, cujus veftigiss prefse infiftere
ceffe babui, guoniam ejufce libri [che-
Wtsfmis maxima ex parte uti fatusum.
at , quod previderem mibi ad novas
Jeribendas tempus non [uppetere , etfi
mnunquam id facere praoptaffem. Ea-.
m de canfa nec alias plerdsgue gaam.
iuclideas demonfivationes adbibere vo-.
%, [nccinltiori forma expreflas , nifi.
wie s 2, & 13, & parce i 7,8,9 li-
ris , wbi ab eo monmibil defleCtere aprre
resinms videbaswy. Bonk igitur [pos ¢ff
eltems in bac parte cum noftrss sonfiliss,

om fEndioforum votis alique medo fusts-

altum iri. Nam que adjeltn [wnt %
Scheliss problemata quadam & thoore~
Bata, five ob [unm frequentem nfnum uad
vaturam elementarems accedensia, five ad.
Nram, gue [eqauntay, cxpeditam demon~
Grasionems conducensin, fen qne veguia-
. . rHM

- R,



_:&'orhnr Wi ¢ eevine widirelrelin ey
N “ d

f . X eyl
Felatas, per, ea, ut-fpero, libellns ultra

.zejiindmng moles magnopere won intume-
Get. . '
Aleer fcopus, ad guem collinestnm eft;
‘eorum defideriis confulust, gqui demon-
" frationibus [ymbolicis potiss quam ver-
balibus delectantur. In guo gemere cum.
plerique apwd nos Gulielmi Ovgheredi
Jymbolis affueti fint, ea pleramgne ufur-
pare confultins duximus. Nam qus Eu-
clidem, hdc via tradeve & interpretars
aggreflus fit, hactenns, 7ubd ego [ciam,
- prater unum P. Herigonium, repertss eff
memo. Cujns viri longe doltifsimi me-
thodus, [ant in multis egregia , ac ejus
- pecwliari propofite admodums accommoda-
ta; duplici tamen defeitn laborare miki

vifa eft. Primv, quod vm Propofitior
aum ad unins alicsjus theorematis ant

problematis probationems.addaclarnm., poe

Prerior @ priovi- nom feweper dependeat 5
 guando tamen slla iwser fecoberent,qnine
do non, necex ordine ngularsms, nec wllo

" akiomodo fasis prompse swnatefcere poteft,
#nde ob defeSlum conjunitionwm, & adjé:

Elivornse ergo, rutlus, e5-c. nom rars difs

fienltas & dubitands occafio ;' prefertim

| mings exercitatis, inter legendum obori:
éfoleps. Deinde fape evenit, ur png'@
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P Ad LecCtorem. _

&4 mothodus nimis frequenter [upervae
caneas repetitioncs . effugere wequear, &

_quibns demonftrationes eft quando pro-
* lixe, aliquando (5 magis intricaie eva~

dunt. Quibus vitiis nofter modus. facilé
per verboram fignorsmyue arbitrariam

mixturam medetur. Atque bec de opelle

bujus imtentione & methodo dicta jh?—
ciant. Catersim que in landem Mathe-

© feos in gemere , ant Geometrie spfins; &5

gue de bifforia barum [cientiarum , ide-
dsque de Buclide horum elementorum di-
Lefrore dicipoffent, & reliqua bujufmods
tEareens , cui bec placent, apnd alios
interpretes confulere poteft. Neque nos
angufbias temporis, quod bwic operi im-
pends potwit,nec interpellationes negotios
rums s nec adinmentorum ad bec fEudia
apud-nos egeftatem, & quedanm alia, nt
liceret nom immerito, sn éxcufationems ob-
tendemns, metw [cilices indniti, né heg
noftra emnibus minks [atisfacians.. Ve
rum que ingenni Lectoris ufibus elabora-
Vimns, eadem in [olidum spfins cenfure
ac judicio fubmitsimns , probanda f; -
tilia fibi compererit, fin omnino fecws,

vejicienda,
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Ad amiciffimum Viram 7 B. de
ETVCLIDE conr.ra&o
"Evpnpioubs.

A&m bene! didicit Lacomicé loqus _
5 &9 aphorifimes imduit,

Immeu/a udum mmga comment arif ‘
Diagramma circgit anwtums_titqee Infula
Problema breve natabat in vaflo mavi.
Sed unda jum derimuit; & ghoffa arilior
Stringit Theoremata: minoris
Lateribus ecce-totus Euclides jacet,
Iuclufm olimvelut Homerus in nuges
Plutedque farcina modo qui incabuit levis
En fit masspulus. Pelle 1n exigua later
Angews Mathéfisy matris ut in utevo Hercules,
dn glande quercus, vel Ithaca Exrus in pila.
Nec male um decrefcit, ufu fit minor,
Ruin anitior jam evadit, &r. tmulmds

- Gontyalta prodeft evudita

Sic ubere magis liquor & pre
Sic plesiori wﬁxhgwndnt fan
Torvente cordis Syftole; fic f uf'
Procurrit aquor ex Abyle anguftiise
Tantilli opevis ars tanta refmuda wnict eft
BAROVIANG nomini, acﬁalertm
Sublimis euge mentis ingenium potens !
Cui imvipmnily arduym effe nil, folet,
Sic uf pergac profpers amh(ne, lib"
e
a? at indies fmmrf ke

Sm»h colonum germine a[r

Spum futura meffis bic fier labrr
Magnd'que fama illufiriabec preludia. eludial
s dedis qui tanta, quid Mu fenex?
Car. Robotham§ ¢ ANTAB,
Coll, Tiin, St S06
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‘novam Elementorum
EUCLIDIS

nem,iD.I1S. BARROW,

legii SS. Tax R, Secio,
viro opt. & eruditiffimo
- adorpatam. -

it Lector 1§ ufpium andstsms eft tibs,
tns tenela Nisx Geometres fiet 5 |

- radiss, mille Indst angeulis,

pwro ducit Exclidem fins-:

 Ated candidi[imwm Virnss,

wivinm e5F indales, fed qnas tamen.
arder meniss nrges Enthee;

landss temperas caloribus :

ws nil vivit, &6 meling nihil.
1xentes pelore excutit nivess

b indé [pargit, en aliam tibi,

igne, & nivibus Geometriam !

G.C. 4 M, C. k.5,
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¢ ~= wqualitatem,

v

C™ majoritatem, - - -

I minoritatem; ‘
w‘; = pliis, vel addendum effe,
T ~ -mintis, vel fubtrahendum effe..

=t differentiam vel exceflum ; item qus
tates omnes, qua_fequuntur, fubtcshe
effe, fignis non mutatis. i

. % nultiplicationem , vel du&um laterii

@anguli inaliud latus,
Idem denotat conjunétio- liverarum ,
“ AB= AxB. o
/ Latus, vel radicem quadrati, vel cubi,
Q &q quadratum..?:. & ¢ cubum,
Q. Q. rationem quadrati numeri ad «

..t dratum numerum: . .

Reliquas 5 que ubicunque 'mdmnt,‘ 0

abbreviationes spfe Lector per fe facilé intel..
" ceptis iis, qias tanguns minus generalis ksh:

o4 explicandas velinguirmus.

fANDzDE’itcroxWism bae edid

vanda multhm opere infu caves tawmen omnino - -
it, né irveperent aqa"vﬂa' .Quorum fuwma fi fub -

LUIR QURINGKTIR b ImpoTLunitats eperarii, tum que An:

“ muferipto calawe feflinante exario debenturs veliqua, fi. -

veitant, pronofiris libenter agnofcimus. In univerfum

L pudeatsaut ut equus Lector ea & uns, & bomiri difficuizer

is imputes, non itd multa funty ut illovum nos ¢

Saucula -bec, qua temere aliquoties pagellas [pasfim velege:

| | ovckrrebant,diligenter adnates veltm,aut (8 places, calamo.
‘ t_'Pag.s‘. lin. 10. pro Zquilaterz lege quadrilar. p. 1.k

e — { ————— S —

- g e —

Prop. 24. p. 168. L. penult.pro Aq.lege AB. p.31
" AC.LLAD, p. 144. (ﬁ« 14§ [Ir’/o.l.ib-- LLLib V.
o tavo libre : o vro =, (ed lacum nen menini

Fy
%{ : :[f—pope:-:indiqldbmexempl. p- 21.defunt figura pr -
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Jom jﬂyns? (#lmtopetall
LIB. I . ;.
| -‘Dgﬁnitiw.r.' _

#d 11. Linea vero longitude
5 laitudinis expers. ..
~\ I11. Linex autem termi-
B g, nifunt pun&ta.

1V. Reia linea eft, qua ex 2quo fua inter-
jacet punéta. S o ‘

V. Superficies et , quz longitudinem, lati-
tadinémque tantiim haber, - v
'V 1. Superficiei autem extrema funt limez,

V 11. Plana fuperficies eff, quz ex 2quo fu<

-85 interjacet liness, .

VIIL Planus verd angulus eft, dusrum line-

-arur in plano fe mutud tangentium, & non in.
_ direftum jacentii alterius ad -alteram inclinatio:

IX. Cim autem quz angulum continent
linex, re&x fuerint, rectilineus ille angulus ap~

la X. Climverdre-

&alinea CG fuper
redam lineam A B

2% Unéum eft cujus pars nulla cft;

\
»

Pt

f- confifiens, eos qui oo
Cm funt deinceps angu- -

' ls CGA,CGB
A . B #quales inter fe fece=
G : rit, reQtus eft utereg
zqualium anignlorum, & quz infiftit refta linea
C G, perpendicularis vocatur ejus (A B) ¢ui
inGftie, - ’ » b ¢
Not. Ciim plures anguls ad wmim : (ut
dd G) exifunt , defignatur quilijet angulus teibus
Giteris , quarum media ad verticem et illius de que
a itur: ut angulus quem velte f.s’c éG efficiuns
' A, ve .
adfpmesAwmr CG % vel . Obmfus




EV CLID fS”Elcmmtomm

/A XL Obtufiis an~
gulys eft , qui refto
majoreit, ut ‘A C B.
XII Acutusver®, ¢
qui minor eft reéto, ut ;
ACD. :
- D X111 Terminus
C.- eft, qued alicujus ex~ |
_teemum eft. - A
X IV, Figura eft , que fub aliquo, vel ali- 4
quibus terminis compreheriditut. * S
X V. Circulus eft figura plana , fub una li-
nea comprehen{a, qua peripheria appellatur, ad
. quam ab uno pundto corum, quz intra figu-
ram funt pofita, cadentes omunes re&z linex in-
.ger fefumzqmzls.‘ S ‘

- X V1. Hoc’ ve-
. 16 punétum centrum |
. circuli appellatur,
. X VIL Diame-’
c ter autem circuli eft -
reGa quedam linca
per centrum ducta, &
) D . ex urfaque parte in
- circuli peripheriam terminata , qu circulum
bifarjiam fecat, i
X V111, Semicirculus ver6 ¢ft figura, que 1
continetur fub diametro, & fub ealinea, qu de
sirculi peripheria aufertur. S
In civaulo EARCD. E ¢ff centrum,AC diame-
ter, ABC femiciveulus. S
X 1X: Re&iline figura funt , qua fub re- |
&islincis continentur. Coa ’
X X. Trilatere quidem, qua fub tribus,
X X 1. Quadrilaterz vero, quz fub quatuor,
X'X 11, Multilatere autem, que {ubplu-
aibus’, quan quatuor réctis lineis comprehen- |
dwrar”

VYVITT Tei



Lsber 1.
XXIIL T
laterarum  auten fi-
gurarumt , 2quilate~
rum eft triangulum,
quod tria latera ha-
bet zqualia, ut tri-
angulum A,

. X XYV, Iolceles
autem, quod duo tan-
tim 2qualia habet la-
sers, ut triangulum B,

X X V. Sciles
num verd , quod tria
- inzqualia habet lates. -
mu C. - - -

-

ot

~ XXVI. Adbec
etiam trilaterarum fie
-Furarum , reangu~
um quidé triangulum
eft ; quod reGum an-
gulum habet , ut.tri-
angulum A. '
XXVII An-

blygonium autem , quol obtufum .angulum

5, w B.

- - §Sreerrrvy
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EVCLIDIS Elevsenioram

XX VIIL Oxy-
gonium ver6 , quod
tres habet- acutos an-
gulos, ut C.

Figwd zquiangu-

* laef, cujus omnes an-
uli inter fe zq‘uales
unt,

re zquiangule funt ; i Gnguli anguli unius
gulis .anguiis alterius fint ®quales. Similiter
de figuris zquilateris concipe.

-G xXIX. Quidri

B

laterarum  autem fi-
gurarum , gnadratum
. quidem eft, quod &
2quilaterum , & re-
‘ABCD.

D

¢ XXX. Alerd ves
j 10 rﬁarte longior figu
raeft, quz reétangu-
la quidem , at -
quilatera non eft, ut

o m
. — - -

ABCD.

bus autem, que. a-
quilatera, fed re@an=
gula non eft, ut A.

YVYYTYTIY

XXXT. Rhoms'

%

Duz vero - - |




e -
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L

N

B

© ker L. B

XXX II.Rhom-
boides vero , qua ad-
verfz & latera, & an-
gulos habens inter fe
zquales, neque equi-

- latera eft, neque re-

Ganguls, w GLMH.

XXXIXII Pra-

ter has autem reliqua -

#quilaterz figurz tra-
pezia appelientur 3 ut
GNDH. _

XXXIIII Pa-
rallele re@tz linexe

funt, quat i in eom

dem fint plano, & ex utraque paste. in infinitum
. producantur , in neutram fibi mutnd incidune;

w A,&B. -

H

XXXV. Paul-
lelogrammum eft fi-
gura quadrilatera,cu-
jus bina oppofita la-
tera funt parallela,
feu zquidiftantia , ut

" GLHM.

XXXVI Cim

" verd- in  parallelos

grammo-A B C D di-
ameter A C du@a fu-
erit, duzeg; linez EF,
H1, lateribus paral-
elz fecantes diame-

. trum inuno todémg;

[;m&o G, ita ut parallelogrammum 2b hifce

B3 - paralle-

3
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ETVCLIDIS Eltmentorvms

parallelis in quatuor diftribuatur parallelogram<
wa; appellantur duoilla D G, G B, Xer qua
diameter nen tranfit, Complementa; duo veré
reliqua HE, FI, per qua diameter incedit,
«irca diamettum confiftere dicuntur, .

Problema eft , cam proponitur aliquid effici-

endum.
Theorema eft, cim piopositiar aliquid demor-
[irandum.

Corollarium eft canjbé’tm'}um, quod ¢ -falta

demonfivatione tanguam lucium aliquod colli=

. gitur. ]
Lemma-eft denonflratio premiffe alicujus , ut
demonflratio quafiti cuadat brevier. -

Poftnlata.

5. T) ORuletur, ut 3 quovis pun&o ad quod- -
vis punétum re€tam lineam duccre con-°
- c¢edatar. . o

_ 2. Etrettam lineam terminatam in continu-
um re@td producere,

1B, - ¢ 3. Ttem,quovis centro, & intervallo circalum

delcribere,
 eAxiomata.
| 8 Uz cidem zqualia, & inter fe funt
zqualia, - ‘

o~ A= B C. ergd A=t C, vel ergd -

emnes A, B, C zquantur inter fe.
+ Nota, (um plures auantirates boc modo conjun-
Ehas invenias, vi bujns axiomatis primam wliime &
wamlibet earwm cuilibet aquari. Rusin cafis [ape,
revitatis cauid , ab ho; axiomate citando abftine=
mis; etfi s confeentionis ab eo pendeat.
2. Et fi 2qualibus 2qualia adjeQa funt, scta
funt zquakia, ' .
' 3. Et

4

\

|
!



CAaver 4. 7

3. Etfiab aequal:bus zqudlia ablata fune,
quz relinquuncur funt 2qualiz,

4~ Etfi in®qualibus 2qualia adjeta i nt, to<'
ta funt inzqualia,

5. Et fiab- maiuahbus zqnahaablam firt,
-reuqua funt inzqua
. Etqua cjuldem vel 2zqualium funt dupli~
cxa, mter fe funt 2qualia. Idempnta de tripli-
cibus, quadruplicibus, &c.
7. Et v}uz ejufdem, vel zquahum funt dimi
d:a, inter fe funtzqualia. Idenuoncxpcdefub—() \
triplis, fubquadruplis, &c.
8. Et quz (bimutuo congruunt e Linter
fe fune zqualia, . R
Hoc axioma in reﬂu lmm , & angdu mlet :\\
converfum , fed non in fzgum, mfi e f mtle:‘\
- [uerint. 5 R \
. Caurim, mpy!udzm congriecre dickntur, quia- 3 \»
YAm pa:tes applicata parsibus 5 cqudem 'vel ewi,
dem locumoccupant, © . . 2
9. Ettotum {ud parte. ma)ps cﬁ . ~
10. Duz rectz linez non ‘habent unum &
idem fegmentiim commune.
- IL uzx YC&'Z n uno pun&o COncun'entes
fi producantur amba , neceffario fc mutud i
co pun&o mncrfecabunt

32, Item omnes anguli rei fum intes fc':
2quales ' e

f

A\

?/2

B

»

‘F/

114_/ RESTYY

. N 'J
B : r?‘

: A D
" 13.Et i in duas re&as lineas AD,CB alterare-
&aBAincidés,internos ad cafdcmq, partes an§u-
B4 .~ Jos
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i EUCLIDIS Elewtitoriim

los BAD, ABC duobus re@is minores faciat;
duge illz retz linez in infinitum produétz fibi

mutud incident ad cas partes , ubi-funt anguli

duobus re&is minores.

14. Duz reétz linew fpatiuth non compre- 4

Bendune, - )

- 19, Si aqualibus inaqualia aljiciancur ;
ec:itl totoram  exceflus- adjunctorum exceflui 2-
qualis, .

© 16, Si inzqualibus 2qualia sdjungantur, erit

otorum exceflus exceflui corum, qua  princi.’

pio, zqualis. - )
© 17.-Si ab aqualibus inzqualia demaptur,
cru_i;l refiduorum exceffus; exceffui ablatorum ase
Qualis. . ' ‘ o
- 18, Siab inzqualibus wqualiademantur, erjt
zefiduorum exceffus exceflui totorum zqualis.

* - 19. Omné¢ totum - zquale eft omnibus® fuis

" partibus fimul Gemptis, - o
" 20, Sitotum totiuseft duplim, & ablatum

, ablati, erit & reli(gmm‘» reliqui duplum, - Idem -
pi '

de reliquis multiplicibus intellige.

ciqus muiiplcivus Lo 1
© Chationes mell:’%e Fic.Clim duo nimeyi occurvunt; i

priar defignat propofsisnem, pofterior librum. Ut pex

- 4¢ 1 intelligitar quarta propofitio primi libriy, °

atque itd dereliquis. (eterim,azx. axioma, pofts’

Softidatim., def. definicionsm, [cb. fcholhers, cors

- seorollarinn demstant, &¢,

AF
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Lbber Lo =
LIB. L

T

Pror. I

vper datd reltd h-
ned terminatdé A
- B, tyiangulum aguila-"
terum ACB confli-
-Suere. .
Centris A & B, eo-
dem intervallo AB ;
vel BA .defcribe duos 23 poff:.
- circulos fe interfecan- _ | s”:’j :
tes in punéto C, ex quo ® ducre@as CA, CB. 4+’ ai[‘
Erit AC = AB <=BC 4= AC. ¢ Quare ¢ 23. e

g E !

triangulum ACB eff zquilarerum, Quod Erat - o
Faciendum, ) v

i Scholiurm. ' . : B
r Eodem modo fuper AB defcribetur trisngu- .+

lum Yofcelgs , i intervalla zqualium circulow
sum majora fumantur, vel minora, qudm AB,
. ]

Pror. I1.
H

-Ad datun punctun N date vee linge BC ‘

‘@nzlem veltam linzam AG poncie, L

Centro C, ‘intervallo« CB # deferibe cin:u-»; ";"P'ﬁ‘

lum CBE. b Junge AC, fuper qua ¢ factrizne, ¢ 5. B
sulum #juilatcrum ADC. 4produc DC «d B, d 2.

. B _aTiEros



2. 1.

35 de
: Lon{l £
c 3¢ 8%,

EvCL IDIS Elementoram

“eentro D, fpatio DE, defcribe circulum DEH:

cujus circumferentiz- occurrat DA ¢ protra&a
ad G. Brit A\G = CB.

Nam DG{=DE, & DAt = DG Quare
AGP=CE*=BC!=AG. QE.
. Pofitio pun&ti A, intra vel extra datam BC,
cafus variat, fed ubxqt.e fimilis eft. conﬁru&xo,

& demonftratio., .

Schalwm. B

Poterat AG ciccino fumi, fed hoc facere nulli
poftulato rerpondet, ut bene innuit Proclus.

2" 'Prop. IIL

Dudbus datis rcﬁu ’
lineis Ayt BCde ma- -
- jore BC minoii A- ar

Ad pun&um B*po-
ne re€tam BD = Ay
/ Circulus centro B,f -

tio BD defcriptus aus.
fex'et BB” BD ¢=A{=BE QE.F."

Prop: IV, .

. - Si destviangw'a BAC,; EDF d;lo].tm:r BA
.AC duohus latciibws ETY, DF aqualia habmzt,
sriwmaue wivigue (hoc eft BA=SED; &> AC=; .
DF)]M&L’W w0 mxguhm A, angnlo D x;):f- P

)i,{ !

N




© 0 Liber . 1§y
- lem , fub aqualibus vectis lineis contentum, & ba-
" fini BC baft EF aqualem babebunt 3 eritque tri=:
angulum BAC triangulo EDF aquale  ac veli-
qu anguli B ; C reliquis angulis E , F_pquales
(Yunt > wterque wivi ue , fub quibus aqualiz latcra
- [fubtenduntar. . o .
" _Si pun@um D punéo A applicetur, & reGa . oo
DE re@t2 AB fuperponatur, cadet pun@umB~ 7 ; .
.in B, quia DF2 = AB. Item re&a DF cadet™a hj:
~ in AC, quiaang. A 2=D. Quinetiam pun- - -
. &um F pun&o C coincidet, quia AC*= DF.
Ergo re@te EF, BC;, clun coldem habeant tec-"
" minos, b congruent,- & proinde zquales funt, b 4. s
re triangula BAC, EDF; & anguii B, E;
ittmq; anguli C,F etiam congruunt, & z-: '
quantur, Quod. erat Demonfttandum, - L
: Pror. V.- N
N A © . lufeelivm trimgalornm ARCS
- guiad bafim funt anguli ABC,
ACB hiter (€ (unt @quales. Et
. produltis equalibus vefu lineis
¢, AB, A Caui fub bafe funtan-
guli CBD , BCE iterfe 4=

»(:g;ales evunt. - - A
"\ dAtcipe AF = AD; &34,
E - junge CD,acBF. - b'u i

o © Quoniam in triangulis ¢ '¥v- |
ACD, ABF,funt AB< :-AC,&-AF,‘:E‘D,' d confte
angulusgs ‘A communis eerit ang ABF= ACD; ¢ 4 &+
&ang. AFB¢= ADC, & bas. BFe=DC; <
ittm FC*f= DB. erg6 in triangulis BF C, '3 ar.
BDC gerirang, FCB, = DBC. Q.ED. Iréem &4 1.
idgo ang. FBC == DCB. atqui ang. ABF bzh pr-

- AGD. ergd.ang. ABC *== ACB. Q.. D, K41

: (orolarium, o :
Hiney Oine triangulum zquilarerum eft -
qe095 Equiangulum... SRR
: ‘ Proys-



S
fuppofs
byp.

4 1.
P BXs

-t el N A S &S SETEIreTsrT s e

Pror, VI. .

. A S triangiedi A'B C duo an- -

guli ABC, ACB aquales inter
Je fuerint , & fub agialibus an-
gulis fubtenfa latera AB, AC
aqualia inter fe erunt.’ .

. 8i feri poteft , fit utrgvis
léAD:"f CA. *FacigituwrBD=CA, & ¥ duc

In triazgulisDBC, ACB, quia BD ¢ =CA,
& latus BC commune cft, atq;s ang. DBC ¢=
ACE, cerunttriangula DBC, ACB zqualia.
inter fe, pars & totum, £ Quod Fieri Nequit.

' ‘ covoll. .,

Hinc, Omne triangulum 2quiangulum cft

_ quog; zquilaterum.

. Paor. V1I.

BA

y LB

poofe

 Super_eadem reféa linea AB dugbws eifers ir

" & lineis AC., BC, dia due velte linea P

les AD ., B D, utrague utrique ‘(b eft, AD.=.
AC, &BD=BC ) non confivhuertus ad abiud:
punttum €, aque diud D., ad eafdem p’mr Cs
eofdémaque termines A, B.cum dudbus imitte duttia

- yectis lineis habentes.

_% Caf. Si pan&um D flatuatur in AC, s
quee non efle AD = AC, o .
a, Caf. Si puntum D dicatur intratriangue

_Yum ACB, duc C D, & produc BDF, ac BCE.. -

Jam vis AD = AC. ergd ang. ADCP= ACD; |

item quia BD ¢ = BC,eritang. EDCb=RBCD.. . |

~




2 .+ " Liber I 13
ergdang. FDC 4 — ACD, id eft ang. d 9 ax,

wal  FDC cADC ¢Q.F.N. .

sint 3. (4. Sin D cadac extra triangulum ACB,

wa  jungatur CD, '

AC Rurfus,ang. BCD ¢=BDC,& BCDe= ¢ 5. ¢,
L BDC. fergoang. ACD . BDC. & proin- f g, 4z,

st de multd magis ang. BCD £2BDC.. Sed erat

‘d| ang, BCD = BDC. Quz repugnant, Er-

0, &¢. :
:CA) g ’ R | T
Ci= - Propr. VIIIL ‘
iy ‘A i dus trian-
- gulaABC, DEF
& babuerint duo la-
& tera AB, AC
! duohus  lateribus
| CE, F DE,CE DF, -
i o T tymmaque wtriq; e-
T qualias habuerint very & bafim BC,bafi E F,equa-

lem: angdum A [ub equalibus veilis lineis con~
tentum angulo D equalem babcbunt.

) ; Quia BC2= EF, fi bafis BC fuperponatur a byp.

 bafi EF,ille b congruent. ergd,com ABc=DE, b 8. ax,
Sﬂ i &AC<=DF, cadet pun&tum A in D. (nam < by,

in aliud pun@um caderé nequit, per praceden- - .
sit<,  tem) ergd angulorum A, & B latera coinci- -
g dunt, dquarcanguliilliparesfupt, Q. E. D, g g, 4
ifud S Qoroll. :
1( . 1.Hinctriangula fibi mutud zquilatera,etiam .
ults mutud * zquiangula funr,, i X 4 b
. © 2. Triangula ibimwud xquilateray 2quan- 7 4

fike ‘ gur fater fe,. .
17 . : : S 1
CE. ) ; ’
D ¢ ) [ "Props
Do : )

o S
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' 'Ir.

_,A

ETVCLLIDLS  Liementorum
Pror. 1X.

Datum angulum vedli-
linewm BA C bifinim
Jecare.

*Sume AD = AE3
duc DE, fuperqui » fac
triang. 2quilat, DFE.

Dufta AF angulum
" BAC bifecalit,

[ Nam AD ¢ = AE,
& latus A F commune eft, & bal, DE < = FE.
dergd ang. DAF=EAF. QE F. -

(ool o
Hinc patet guomodo angulus fecari poffic in
2quales partes 4, 8, 16, &c, Singulos nimirum
artes iterum bilecando.
Methodus vero reguld & circino angulos fe~
candi in ®quales quotcung; haltenus Geome-:
teas lasuit, v

Pror. X.

C Datam rédiam lintarm
AB bifwiim: focave. .-
Super dara AB ? fac:
triang, zquilat. ABC..
¢jus angulum C P bifeca
-re@td CD. Eadem datam
AB bifecabit, ,
D Nam AC *=.B.G,
& latus €D eft commune; &ang. ACDe=
BCD; dergd AD=BD. Q E. F. Praxin

fl

. hujus 36 prazcedentis, conftruéiio prima hujus -

Libsi facis indica,

’ ‘Propy




Pror. XL
F Dati ved lined
AB, & punitoin ea
dato C, veltam line-
on CF ad angulos re-
Eos excitare, .
~ ® Accipe hinc in- .
& CDZCE. su. * * ™
AD C E B per DE bfactriang. b 4, o,
zquilat. DFE. Du&a FC perpendicularis eft. -
Nam triangula DFC, EFC fibi onutud <2- ¢ ¢oasy.
quilatera funt, 4 ergd ang. DCF=ECF.4 ¢ 1.
¢ ergd FC perpendicularis eft. Q, B. E.” ¢ 10, def
Praxis tam hujus, quim Lquentis expedifus
facillime opg norma. A

RR’GP- XIL
C ; Suser datam
Y .reftamlineamin-
" fimiion AB, 2

| datp pyntio C

q;od in ea non

Cme-eit, pevpendicu~

¥ Blm reffdm C-
G dedrccre.

Centro C * défcribe clrculum, qui fecerda- 3 3,508,
tam A B-in pun&is E & F Pbifcca E F in Gib 10,1,
dufa CG perpendicuaris eft, S

Ducantur enim CE; CF. Triangula EGC,,
F&C, Gbi mutud ©zquilatera funt. dergd an- ¢ o, -

uli EGC, FGC; zquales, &°proinderedid 8.,

unt, Qb-F« E. . €. 10, dcf.
~ Pror, X111, .
. Cum veita linea AR, fuder
EI A veftam lineam C D um?iﬁ_r;m .
- fuit anulos ABC , ALD; ~

aut duos velkas , ant Qusius ri-
s aquales gfﬁffct, , '
- S &3




6. defo

11. Xo
19. ax.

3, ax,

3, 8%

13, 1
b
's. A%

Y Ergd CEB= AED. QE.E.

o & O Aa & AT L0 Kb TTsC v OY TV

Sianguli ABC, ABI) pares fint, * liqueril-
los re&os effe; fin inzquales fint, ex B ® excite—
tur perpendicularis BE. Quoniam ang. ABC ¢ ==
Re&t.+ ABE;& ang. ABDd =Re&l. — ABE;
etit ABC+ABD e= 2 R¢&, 4+ ABE—ABE ==
2 Re@. QE. D/

o Coroll. :

. 1. Hine, fi upus ang, ABD reQusfit, dlter
ABC ctiam re&us erit; fi hic acutus, ille obtu-
fus erir, & contra, '

2. Si plures re@ quim una ad idem pun~
&um eidem reQz infiftant, anguli fient duobus:
reitis 2quales.

. 3, Duz.re&t2 invicem fecantes efficiunt an-
gulos quatuor reétis 2quales.,

4. Omnes anguli circa unum puné&tym con-
{tiltluti conficiunt quatuor reQos. patet cx Co-
Toil. 2. . b

T Pror. X1V. = :
A Si ad aliquam reétam lineon

' "~ AB, aque od ejus punfium B
duz vecta linca €B, BD ron,
Ead eafdem pavtes duibe; es gui:

wnt deinceps amgulos ABC .
. B D ADD duobus veltu aquaes fes
cevint , indirelium erwul inter fe ipfw, veGie linea:
CB, BD. ' :

Si negas, faciant CB, BE unam reftam, ergd
ang. ABC o+ ABE*=2Re@. ' =ABC 4

- ABD. ¢ Quod Eft abfurdum.

Pror. XV. )

- S5 dua velfa lirea AT,
e CD fe mutro fecuerint, angu-
A dos zd verticem -CEB, AED
g agudles inter fe efficient.
=~ Namang. AEC + CER

3= 2 Re@*=AEC + AED.

Sehils. -

o




Si ad aliquam re@am lineam GH , atqie 3d . -
¢jus pun&um, A duz re&z linex EA, AF non
. ad eafdem partes fumpt, angulos ad verticem
.~ D, & B zqpales fecerine, ipfz re@z lincz EA,
AF in dire&tum ibi invicem esunt. - o
Nam2Re&.=*D . A*=B_. A.bergda 13 1.
EA, AF funtin dire@um fibi invicem.Q, E. D, ® 14 .%-
) Schol. 2.
Si quatuor ré&tz. linex
EA,EB,EC, EDabuno
punéo E exeuntes, angulos
oppofitos ad verticem zqua-
Ies inter fe fecerint, erunt
. quzlibet dux linez AE, .
EB,& CE,ED in girc&um pofit. o
- Nam quia ang AEC —+ AED . CEB = .
DEB * = 4 Re@, crit AEC —+ AED b= 34 (ot
CEB-p» DEB—=2Re&. ccrgd CED, & AEB , .. "

funt re@t linee, QB D. . BRI
ProPp. XVL -
Al E - Cwjufcungue Triangul
) ABC #no latere BC pro- i
dutto , ‘externus  ampulus ‘

ACD wtralibet interno &
oppafiro CAB, CBA, wa-
oY efi. S

g Ifma AC, BC *bi-g pi™
fecent etz AH, BE, .~
quibus produ&is bcape EF 3t
—BB,*& HI=AH,
Conjugantiirqs EC,T, C3 Qo




EDVCLIDL S Elementoram ‘
&

¢ confir. Quoniam CE c=E A, & EF¢=EB,
d 5. 1. ang. FEC{=BE A;°critang. ECF = EAB.
€4 1. . Similiargumentoang.ICH (f FCDY=ABH. 1
> ergo totus ACD s major eft wrovis CAB, &
ABC. Q E. D.
Pror, XVIL {
A . Cujufcungue " ‘triangulf
ALC duo anguls dusbus
seltis funt minores 5 ominie
- faviim fumpts.
Producatur latus BC.
uonjam ang. ACD 4
IR 55 SH E - _D%'CB“:ng{ea.&ang.
16 1, ACDbPr~A,cerit A+ ACB— 2 Red). Eo-
de dem mods erit ang, B 4. ACB 3 2 Red. De
nique- produdto latere AB, erit fimiliter ang.
. A4 B 2Re Quz E.D. . '
o Corolle . S
. 1. Hinc, in omni triangulo, cujus unus an-
golus fuerit reftus , vel obtufus , reliqui acud |,
unt, o o :
2, Silinea re&a AE cimaliare&a CD an-
1 gulos inzquales faciat , unum AED acatum, 8
alterum AEC obtufum , linea perpendicularis
| AD ex quovis ‘¢jus puncto A ad aliam illam
~E D CD demiffa, cadet ad partes anguli acuti AED.
i Nam fi AC ad pattes anguli obtufi ducta, dis
catur perpendicalaris;in triangulo AFC erit ang,
7. % AEC+ ACBr 3 Reft. *Q.F.N. .
‘ 3. Omaes anguli trianguli 2quilateri & duo

1
(]

1 anguli trianguli Tofcelis, fupra bafim, acuti funt
Pror, XVIIL =
A ‘ . Omnis trianguli AB'C

majus latus A C majovers

angulsm ABC [ibtendit.

: A;_x AC * aufer AbD=
fo Le c & junge DB. bergo

; B“————g——— ang.,ADB = ABD. Sud

D

3. Lo -

)



- Loty 4. o
t ADB = C. ergo ABD = C. der o‘totus; 16, 1,

ang. ABC = €. Eodem modo erit ABC— A, © - &

QE. D. . o
. . Pror. XIX, !

B Omnis trianguli ABC ma--
CING jor_anyulus A majori lateri

, BC [fubtenditur.
Nam i dicatur AB =

. BC,*eritang A=C.con-4 5.
A € tra Hypoth. & fi AB -

‘BC,berit ang. C & A, contra hyp. quare poti- b 18. 1.

s BC — A B. & codemmodoBCr= AC.
_'Q_E-n- ) ) : . L i
) Pror. XX,

Ompis triangali ABC.
duo laters BA, AC relique -
B C funt majora quomode-, .
- cunaue. [umpta. _
* Ex BA produfta 2 cape 2 3. 1.
AD= AC, &duc DC.y 4 ,,

, ‘“éé,msB.CDrD‘crgéBD (¢BA4d 1

ACye BC.Q.E.D. e conftr, &

- Pror. XXI. L e
. Si fuper triangmli A.BC.
uno latere BC, ab extremitatia
5 " bus dur vefie lisee BD,CD,

¢ neerins confiitta [ucrint, he
" conflitwta veliquis trianguls du-
B < \§ Cobus laseribus BA, CA miuoe

res.quidem erunt, majorem ve-

70 angulwin BDC copfinebunt. :
Producatur BD in.E. éftq; CE + ED *r—1 2o.1.
D adde commune BD, b erit BE . EC = b 4 %
ED &+ DC. Rurfus BA + AE * - BE; bergd-
BA & AC = BE —«+ EC.quare BA +AC ™
BD_. DcC. QE.D. 2. Ang. BDCrgc16. 14
DECecA.ergdang. BDC-A. QE:D.  °
: €4 Prop,

betgéang.' D =ACD.¢ gy ar, '
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b 3 o

c 18.def.
d x|

20 LLJI)IL O LESWEnin

Pror. XXIIL
: <

B

. rareliquo (unt majora.

Ex tyibus veftis lineis FK, FG, GK, que
fint tribus datis vectis lineis A, B, C aquales,
trianguium FKG conflituere. Oporiet aucem duss
veliqui effe majores omwifayiam fumptas; quoniam
uniufcujufque trianguli dio lateraomwifariim fum-

Ex infinita DE *fume DF, FG, GH datis

A, B, C ordine 2quales, Tum i® centris F, & i

G, intervallis FD , & GH- ducantur circuli fe
intetfecantes- in K; jun&@isteftis KF, KG con-
ftituetur trianguium FKG,,  cujus. latera- FK,
FG, GK tribus DF, FG, GH, ¢ id eft ribus
datis &, B, C &quantur. QE. F.

Prop. XX I‘I 1.

Ad datam ve-
ciam lingam AB,
datimaque .in- e

angulo veclilineo D

g Clilinewm A con-
Rere. :

punctum A, dare®]
aguale angudum ve- |

o

Tﬂ,

oY

il

* Pac re&am CF t‘_ecéntg’m.dazi' angult laters
utcanque.® Fac AG== CD. Super AG ¢con-
fRitue yiangulum alteri CDF- zquilateram, itk

. . ) ut) )
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- wt AH=DF, & GH= CF; & habebis ang. 4 3. 1.
Ai=D. QB F

Provr. XXIV._

{ . R
« 8idus triangula ABC, DEF duolaera AB,;
AC duobus Lateritbus DE 3 DF. nqubaliz babue-

. ViRt 5 Mirumque utrique; angulim ver anguls

+ EDF majorem fub aqualibus vettis lineis c:'rfen-

. um , & bafim BC, bafi EF, mderem babebunt,

. 3Fistang, EDG= A, & DG *=DF ‘=§ 3.
. AC,; conne@antirque EG, FG. e ,;;.
. 1. Caf. Si EG cadic fupra EF. Quia AB d pyp,

= DE,& AC=- DG,& ang- AQ=EDG’ e t'ﬂp}‘,

* ferit BC = EG. Quia verd DF ¢=DG, f4 1.
serit ang. DFG = DGF. b ergd ang. DFG :-;ﬁ 5" "'x “
EGF;h & proindeang. EFGc- EGF. 5 quare k 15,4,

" BG (BC) cEF. Q.E.D. -

2. Caf. Si bafis EF bafi EG coincidat, ! li- 1 9. &x.

. quet EG (BC) — EF. -

‘3. Sin EG Cadat infra EF. Quoniam 2215 1.
DG .+ GB =~ DF _. FB, fihinc indd au- ‘
derantur DG, DF; quales, manet EG (BC) 5, o
‘e EF. Q. E. D. 5

L 8
1,

Propr.



22 EvcLID s }lerﬁeﬂtorm
‘ : PROP. XXV, L
8i duo trian,

D ABC, DEF dust.
latera AB, AC]:
duobus  lateribus|
DE, DF egualiaf:.

ce/ - babuermt, uerumg .

turzque, bafers ve-

o BC lmﬁ EF majorem; & angulum A fub equa-|.
Libus vectis lineis comentum angulv D majovem }.

. babebunt.
a4t Nam fi dicatur ang. A = D. 3 erit bafis BC
= BF, contra Hyp. Sin dicatur ang, A 2D,

b 34.1.  Perit BC—3EF, euam contra Hyy. ergo BC \

cEE QE E.D.
Pror. XXVIL

¢ E T 1G

Y sd dno triangula B AC B D G, duss anpules

/ B, C, dudbus angulis B , DGE, rquales %x—

L.. erint, wivimque WiXique, unufnque latus wun lateri

¢quale s, fiue quod aqualibus. adjacet amulis, fex

quod uni cqaa?mm angulorwm fubtenditur : veliqua

< datera reliquis lateribus equalia, utrnmaue wtrique,

@ veliquwm angulum reliqus angulo aqualem ha-

bebunt.

1. Hy. Sit BC = EG. Dico BA =ED, &

- AC=DG &ang A =EDG. Nam £ dicstuc
I, ED o BA,*fiat EH = BA, ducatirg; G

Quomam




el
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Quoniam AB b =HE, & BC<=EG,i& b furnef-
g, B<='E, eritang. EGH¢= C ¢=DGE. § /",
1Q. E.A. ergd AB=ED. Eodem modo AC ¢ hyp.
=DG. dquare etiamang. A =ED G. o ax e
- 3.Hyp. SitAB=ED. Dico BC =EG; & ‘

AC=DG & ang. A = EDG. Nam £ dicatur .
. EG BC, fiat B = BC, & conpedatur DL g byp. ..
. Quia AB$=ED,& BC*==Bl;&ang, Bs=R, 2 /x:"" -
. @it ang, EID ¥=C»=EGD. *Q.E. A. . 1
. egd BC = EG. ergd ut prids, AC =DG, n 14
. &ang. A =EDG. Q E.D. :

: Pror. XXVII, . =
: Si in'duas relfas ine- -
B # AB, CD veitainci-
: - dens linea EF alternatim
dngulos ABF , DFB, e~ -
: o D . quales inter [e fecerit, pa-
sdllela evune imter fe illa veite linee AB, CD.

Si AB, C D' dicantur non effe parallel; ol
converijant produ@z, nempe in G. quo pofito .
angulus externus AEF interno DFE 2 major a 16, 1,
&dr, cui tamen ponitur zqualis, Qua repugnant,

Pror, XX VIIL .
E S du.ss veltas lines
as AB, CD rettainci-
.Edm linea B F externum
—~ [ angulum A G B interne
© . & oppoffte, & ad eafdems
- F/ partes CHG agualem fe- - )
D et aut internos & ad eafdem partes AGH, .
CHG duobus rectis agqualzs; parabele evunt inter
- Jeipfe veite linea A}?,-CD- AGE= CH oo
1. Hyp. Quia per hyp. ang. E=CHSG, 3 ¢ 1.
derit a tirn%(}% =y iE:HG. b paraile]® igitur-b z;._ 1.
funt AB, CD. Q. E. D. : - ,
2. Hyp. Quiaex hyp.Ang.AGH .+ CHG=. 2 13. 1.
2Reft? = AGH &+ BGH, Perit CHG=b 3 -
BOH. Ergd <AB, CD paralleiz funt. Q. E. D. € °

oy



9. 1, .

) 1. 42,
EAEE I

- EUVCLIDIS Clementtrum,

Pror. XXIX,
In pavalleias velias G-
o 2245 AB, CD, rediainci-
B dens linea BE,; & l;lttr—
naum angulss DH G
/0 O AGH ‘equalss imter fi of>
fcity & externm B GE
interno, & oppefite, & ad eafdem partes DHE o~
qualem 3 & snternes & ad eafdem partes AGH,
CHG duobus rectis aquales facits .
~ Liquet AGH, —+ CHG = 2 Ref. *aliis
AB, CD non- cffent paralicle, contra hyp. Sed
&ang:DHG + CHGY = 2 Reft. ergd DHG
*=AGH=BGE. Q. B.D.
Covoll,

-

- bens unum an-

. \ _gulom. .
Nam A 4. B2 = 2 Redt, ergd cim A're-
&us fit, b etiam: B reGus erit. Eodem argus
mesito D, & C refti funt, » ,
 Pror. XXX.. T
-Lue ( AB, CD) ci-
de;;??'e&az linte EF )pnr-
B allelats & inter [e funt par-
Falele.

D Tres reQas fecer -ut-
© cungs re&ta GI. Quoni-
“ am AB,EF parallclz funt,

Sesit ang, AGI = EBHI, Ttem propter CD, EE
" parallelas, 2erit ang. EHI = DIG. b ergd-ang,

"AGI = DIG. ¢ quare AB,; CD paraliclz font..
QE. D, :

LS
Pror.

|

. - Hiné omu¢ |
B € Paallelograme |
. mum AC ha-|:

N ’ gulnmr:&mn
AL\ ~ JD A, <ft reQan- |




'\B

~ Pmor. XXXL . -

£ A A daopustte A data

et F recte lizea BC ducere .
parallelas veltam lineams
-4 CAE. -

¥ - Ex A ad datam BC duc

relam utcunque AD. ad quam, ¢jiisg; punéum * 23- 1-
A3 facang. DAE = ADC. Perunt AE, BC P27 10 | |

parallelz, Q. E. F. ‘
. Q'Puor. XXXIIL
T Cujufcungue  trian~
e %tdt A B C ung latere
C produtto , externus
anglus A CD duobus

intevnss, & oppofitis, AB

oft wqualis.. Bt tiiznguli
< D ives interni anguliy A,B,

. BCB duobus funt vellis equales.

© ACB= 2 Reft. Q. E. D.

/»v

R

~Per € *duc CE parall, BA. Ang. A b=, 3p.0p ™
- ACE.& apg. B> =ECD. ergd A - Be=b ®. 1,
- ACE 4+ ECD ¢ = ACD. Q.E.D. Ponp € % o=

"ACD _. ACBe=2Re&. fergo A o B

Corollzria, -~

1. Tres imul anguli cajulvis trianguli zqua- )

les furm cribus. fimul cujufcunque alterius, Unde

2, $i in uno triangulo duo anguli (aut fin-
guli,aut fimul) 2quales fint duobusangulis (auc
hingulis,aut Gmul) in altero triangulo, ¢tiam re~
liquus reliquo ®qualis eft, Irem, f duo trian-

e

'
/

En 2 unum angulum uni xqualem habgant, re-

quorum {umiha equantur.

« ». 3+ Intriangulo fi unus angulus re&us fit, re=

iqui unum reGtum conficiunt. ITtem, angulus,
[P PN
ui ducbus reliquis 2quatur, reQus eft. -

4. Cim in Ifofcele angulus 2quis cruribus

‘°3;entus reQus cft,xeliquiad bafim funt femnje
it ) N ’ L |
‘ ® -+ » s. Trie.

19. ax.

13, 1.
- f1, o

-
B WA
LI

Ao



347 EUCLIDIS Elementorsm.
s. Trianguli zquilateri angulus facic duas
tertiasunius re@ti, nam § 2 Re@. = § Re&.
Schol. )

Hujus propefitionis beneficio,cujuflibet figurae |
rc&ilinez tam interni quim externi anguii quot
re&os conficiant, innotefcet per duo lequentia
theoremata, '

THEOREMA 1,

Omnes fimul anguli cujufcungue fignra veltili-
nex conficiunt bis ot ﬁ'ﬁo: demptis quatiory |\
- ‘quot funt lateva figure. '

Ex quovis pun@o intra figuram ducantur ad J!
omnes figurz angulos reétz, qu2 fignram refol-
yent in tot triangula quot-habet latera, Quare
cum fingula triangila conficiant duos rettos,
omnia fimul conficient bis tot rectos , quot funt
. lateta, 'Sed anguli circa diGum punum confi-
* ciunt quatuor reétos. Ergd,fiab omnium trian-

gulorum angulis demas angulos circa-id pun-
&um, anguli reliqui qui componunt angulos fi- |
-gure conficient bis tot redtos demptis quatuor,
quot funt fatera figure, Q.E. D.

- MinciCoroll. Omnes ejuldem fpecici re&ili-
nez figura zquales habent anghlorum fummas
THEOREMA 2. 1
Omnes imu!_cxterni anguli cufufcwique figue

~ yeitilin @ conficiunt quatnor rectos. ‘.

: Nam (g uli figarz ifiterni anguli cum fin-
gulis externis conhiciuge dhos ‘tos. Ergo in-

h tern




Liver 1. . 27

terni imul omnes, cum omnibus fimul externis
conficiunt bis tot reos, quot funt latera figuree.
Sed (ut modd oftenfum e{%,) interni fimul omnes
etiam cum quatuor re&tis efficiunt bis tot réGos,
quot funt latera figure, Ergo externi anguli
quatuor reitis zquantur. Q. E. D,

Coroll. Omnes cujufcunque fpeciei reili-
nez figurz quales habent externorum an-
gulorum fummas. ’

Pror. XXXIIIL

A o  Relle linta AC, BD, .
qua equales & parallelas li-
pneas AB, CD, ad partes eaf~ .
< dem comumpnt , & ipfa &+

@uales ac pavallele funt. o

.+ Conneatur CB, Quoniam ob AB, CD
parallelas. ang. ABC*=BCD, & Ecr hyp. AB a 25. 1
= CD, & latus CB commuine cft, " erit AC= b 4. 1.
BD, b & ang, ACB=DBC. cergd AC,BD ¢ 27. 1%
etjam paraliel2 font. Q. E. D. '

Prop. XXXIV.

A B - Parallelogrammorum Sa-

. tiorum ABDC equalia fint
{ inter [& que ex adveifo late-
€ Dyq AB, CD; ac AC, BD;
aygulique R, D, & ABD, ACD; & illabifa-
viam fecat diameter CB. .
_ Quoniam AB, CD ?parallele funt, ®erit a 5y,
ang, ABC = BCD. Itemob AC, DB ? fiaral= b 2. 1.
lelas, beritang. ACB =CBD.¢ergdtatian- ¢ 3. ex
guli ACD, ABD zquantur. Similiter ang.. -
A= D. Porréd, ciim communi lateri CB adja-
ceantanguli ABC, ACB, ipfis BCD, CED |
pares 4, erunt AC =BD, 4 & AB= CD.ade. d 36. 1.
63; etiam triang, ABC = CBD. Quz E. D.

D2 SCHOL.
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35.defl 1.

. B

EVUCLIDIS Elementorum.

SCHOL, ’
Owmne quadrilaterum ABDC habens latera ops
ofita equalia 5 eft parallelogyammum. i
Nam per 8. 1. ang. ABC = BCD. * erg6
AB, € D parallelz {unt. Eidem ratione ang,
BCA = CBD; * quare AC, BD etiam paralle-
l(aze ('un;.) bErgo ABDC eft parallelogrammum,

. E.D. )

A— ‘E ' 3\ peditius per
= E

datum pun-

% &um C da.

teretx AB
C Dy " ducetur  pa-
) rallda'Clg.
Sume in AB quodvis pun&um E. centris E,

Hinc ex- |

& C ad quodvis intervallum duc zquales circu-

los EE; CD. centro verd F, fpatio EC duc cir-
culum FD, qui priorem CD fecetin D. Eri
duéta CD parall, AB. Nam ut medo demon-
firatumeft, CEFD cft parallelogrammum,

) .PROP. X XXV
: : ‘- Parallelogramma
A__D BCDA, BCFE fi-
"€ in ciftem paralie
. 5 AF, BC conflisu-

B C waliz.

. : - \‘ :_v_ g » )
"+ Nam AD? =p€ 2 =EF. adde commus-
«pem DE berit AR gz DE. Sed & AB2 = DC; -
& ang. A ° = CDP, dergd tiang. ABE =2

DCF. anfercommune DGE, ¢-erit Trapez.

ABGD = EGCF,. adde commune BGC, f erit
~Pgr. AeCD = EBCF. Q. B D. Reliquoruin
¢ fwm non diffimilis, fed fplicior & facilios

et demonfiratio, v ‘
' g Ssanlisii.

tiinter f¢ funt &= - |.

e




- Liber I, - Co2p
Scholium, .

A D Si Iftus AB parailelo.. . - -
grammi reGanguli ABCD
erri intelligatur perpendi-

culariter per toram BC, aut

4_ EC per toram AB, proda-

12 cetur eo motu area reQan-

guli ABCD. Hinc rean-

gulum fieri dicitur ex duétu

1 ¢ {eu multiplicatione duorum

B ) - bLterum contignorum, -Sit
exempl, gr, BC pedum 3, AB 4. Duc 3.ing4;
prt;ycnium 13 pedes quadriti pro area re@an-

guit. .

Hoc fuppofito, ex hac theoremate cujufcung;
Parallelogrammi’ ( *EBCF) haberur dimenfio, * + f1 5
ius enim area producitur éx alticudine L4 da. 1o/} 35,
€@ in bafim BC.-Nam area re@tanguli AC par-

* - allelogrammo EBCF #quais, fit ex BAin BC,

ergo, &c.
Pror. XXXVT,
D Paralleloryain-
= Pm BCDaA,
GHFR [iper «-
. —l < qualibus bafibs RC
B C G }' GH, & in t'iﬁ/(‘?);
parallelis AF, BH confituta, inter e funt equalia.
Ducantur 8E, CF, Quia BC*= GH bz 2a .
EF, ¢ erit BCFE patallelogrammum, ergd Pgr.g sk
ECDA = BCFE{=GHFE. QB.D. .4 35 L.

. PEorl XXXVIL )
E. A L F Tvianiula BCA,

{ g / BCD fiper eadem
’ bafi BC conflitu.a,
- N7 / & in eifdem pasal-
Cous lelis BC, EF, inter

LS ;
B i nﬁ, funt ¢qu41;a.n

agm
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30 EUCLIDIS Elementornm.

3t. 1. ?Duc BEparall. CA,* & CF arall, BD:
;;&-l.hé. . Erit triang, BCA % = ,Pgr. é’
Cax. O BDFC *=BCD. QE. D,
Pror. XXXVIIL
: - D R TrianguaBCA;
C_A "EED fuer ¢7u4:
" libus bafibu BC ,
BF conflituta, &
'é Ifltfderg paralelis
. BE, inter fe
B CE F fin :eqm’m
Duc B G parall. CA. & FH. parall, ED

34. 1 erit wiang BCA * = { Pgr. BCAG P =
3616, BDHF ‘-—EFD Q_E B.

T Schol.
Si baﬁs EC :'FF lxquct triang. RAC

_‘l

EDF. &HBC'-:EF erit BAC-: EDF. -

Pror. XXXIX.

Triangula aqua-

F haBCAgulB(gD,
' Juper- eadem bafi
BC, & ad eafdem
partes  conflituta o
etiam _in  eifdem
fuat ymﬂelu AD,

Q .

si negas, ﬁc altera AF parall BC; & ducatur

37 % CF. ergd triang, CBF 3= CBA P CBD.
.9].1’;::. £QE. A

Pror;

J




Liber 1. = - a4
Pror. XL.

i Trigagnla oz

' jia BCA, EFD

' © fuper equalibus ba-

: fib% BC, EF, &
Ch ad eafdem partes -
i B - conflituta , & in

&ifdem funtparallelis AD, BY,

% Sinegas, fit altera AH parall, BF. & ducatur a 33, 1.
“! FH. ergd triang EFH 3= BECA = EFD. b I»»-

g y EQO'E' Ar - € 9. ax.
2 Pro XLL
»"} D Si parallelogramimum

! Y EABCD cum triangulo
Lo B CE eardem bafin
"B C . babucrit  in eif-
"l  demque fuerit parallclis
OB (o AB, BC, duplum ciit
pardllelogrammum ABCD ipfius trianguli BCE..
Ducatur AC, Triang. BCA* = BCE. ergd 1 37.1.
# Pgr. ABCDP=3BCA*=3BCE.Q.E.D. 3* 2~

%) ¢ 6, 4z,
y Scholium.
Jfi8. . Hinc habetur area cujufcungs trianguli BCE.

4 Nam cim area parallelogrammi ABCD produ-
o8 e ex altitudine in balim duda 3 ProdPucetur
i are trianguli ex dimidia altitudine in bafim du-

&a, vel ex dimidia bafi in altitudinem, ut fi ba-

42;; f::’czgt 8, & altitudo 7; erit trianguli BFE,

I Dg4  Prep)
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23. 1,
10, 1,

34. 1,

3. &%,

-
D

EUCLIDIS Elementoyim
Pror. XLIL

A F G
. Dato triangule ABC nqmle parallel ammners
ECGE conftituere in'dato angulo 1eétiliies D.
Per A * duc A G parall. BC, Pfac ang. BCG
= D. balim BC <bifecain E, ?duc EF parall
CG. Dico faGtum,
Nam du@ti AR, erft ex conftr. -ang. ECG

=D, & triang. BAC 4=2 AEC"" P°r.
ECGF Q.E. E. .

: : Phop. XLIIT - )
' In-omni parallels.

A E gramane- ABCD coms-

- plement«. DG ; GB
ebrum que arm dia-

*allelogrammotum HE
F c ¥1 suter - fe funt ¢:-
qualia.
Nam Triang. A@D,=* ACB, & triang..
AGH®= A GE. & triang, GCF = GCI,
b ergo Pgr. DG =GB Q_E, D; .

Lo

o paok

I ety AC [unt par- -

-




 Liber 1 R : 33
" Pror. XLIV. ) :
= b__E ) ¢

™M L

" "Ad datam ?eftam lineam A , dale triangule B,
aquale puvallelogrammum FL applicare in dato an-

* gulo reftilsaco C, DT '

" 3FacPgr. FD=triang. B, it utang, GFE 2 42. 1.

;== C. & pong lateri’ GF in direGum FH = A,

;Per H tduc 1L parall, E F 3 cui occurrat D b 31. ©
produtaad I. per I F ductz re&ta occutrar DG
protractaad K, Per K ®duc KL parall, GH;
cui occurrant EF , & XH prolongate ad M, &

L.. Erit FL. Pgr. quafitum, X
~ NamDPgr, FL<=FD=Bd&ang, MFH ¢ 43 1.
- =GFE=C. QBE.F. o dasas

. Pror, XLV»-.., »
BeeC G _HL

: g1
A D Fv &
Ad datam veltam lineam ¥ G dato yeltilinze:
"ABCD equale prrallclogrammum FL conflitueic,.
o wadato amgulovedilinwE, T T
Datum re@tilineum refolve in trianguia.
. BAD,BCD.? = Fac Pgt, FH=BAD. itz ut
ang, F—E.produ@®i F 12 fac (ad HI). Pgr.. -
. Ds o LL.




34

P 19. 4%,
: eomfir,

11, 14,

3-163.

confir.
zsﬂ [

Clﬂjﬂ’f.
34. Ie
1Seh. 29, 1%
3 3p, “f’

EYCLIDIS Elemensorim
IL =BCD., erit Pae. FL=*FH . IL¢ 5

- Sehdl. -

B » D P E

Hinc facilé invenitur exceffus HE, quo re&i-
ineum aliquod A fuperat re@ilineum minus

aimirum fi ad quamvis re@am CD applicentur
Pgr. DE=A.&DH=B., =

Prory XLVI.
B ——— A dasa refta li-
o . ™ nea AD quadra-.
0t twm AC deftris

-

- . bere..
ﬁ : ’ 3Erige duas per~
R ! gndiculares AB,
- : C b zquales
- Tk datz AD ;. &
D jungé B C. dico

R

fatum, e
Cum enimang, A 5 D <= 2 Re&. 4 erunt-
AB, DC parallelz, Sunt verd etiam © zquiales, .
fergd AD, BC pares etiam funt, & parallele,
ergd Figura AC eft parallelogramma, & s2qui-
Iatera.ﬁngulI quoq;.omnes recti funt, & quoni«
amunus A cft.re&us. Lergd AC eft quadratum,,.
.B.. B, -

Eodem modo ficilé, deferibes 're'&an'g(;lum,:_, A

auod fub dasis duabius.reQis contincatu,

Baom:.




g FVvey &£ -

- e
Paor. XLVIL
G : In reltan-
» oo 31 %u : Btm(n; a
. s B A
£ A quadyatum
~ BE, quod 2
latere B C
reltum angie-
B c = nm BAC
' : Jubtendente
1 defciibiter
wquale eft
es , BG,
. CH,. que a -
1, latcribus AB,
D ‘M & AC reiium
: angulum: continentibus deferibunture
Junge AE, AD; & duc AM. parall. CE. .
. oniam ang, DBC * == FBA; adde comfw 3 13. a».
munem ABC , erit ang. ABD =FBC, Sed &
ABP—=F B, & BD b=BC, © ergd triang. b 29. 4
ABD — FBC.atqui Pgr. BM. 4= 2 ABD; & § 4 **
Pyr. BG 4= 2 FBC (nam GAC eftunare@ta g 2",
per hyp. & 14.1.) ¢ ergo Per. BM = BG. Si-
mili difcurfu Pge. CM = CH. Totum igitur
BE:BG—]‘J Hu QE- D:

Schol.

* Hoc nobiliffimum, & utiliffimum theorema
ab inventore Pythagora, Pythagoricum dici me-
fuit. Bjus beneficio quadratorum- additio, & .
fubftracio perficitur 5 quo fpe&ant duo fequen=-
tia problemara,

PROBIL,
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|

‘ndr. Tacg,

11,2

ETCCLIDLIO Lyementorwm .
PROBL. 1, ~

z o |
. Datis quotcunque qua-
B | dratis, wnumomnibus @ -
quale conftrueve. .
X Dentur quadrata tria,
. A7 quorum latera fint AB,
& BC,CE.2Facang.re~ -

St @um FEBZ infinita ha-
$ 4¢ bentem latera, in efque

Lo}
'l ! &1 transfer BA, & BC, &

A 32 junic AC, berit ACq
s P :C Bq B Cq. Tuin
R transfer ex B in X3
FA E & CE tertium latus da: .

tum transfer ex Bin B, & junge EX, berit
EXq=EBq (CEq) +BXq EACq) ¢=.CEq
o ABJ-+ BCq. Q.E. F. '
"PROBL 2, -~
E Doatis duabus velis in=
¢q”‘l‘bu6 AB, BC, ex-
bibere quadratum , qus
quadvatum majoris AB
excedit quadratum mie
A B Q noris BG..
Centro B intervallo BA defcribe citculum. éx-
€ erige perpendicularem CE occurrentem pe-
ripheci2 in E, & ducatur B B, 3 Erit BBq
BAq) =BCq.1 CBq.>ergd BAg— BCq=-
Do Ei- Q‘E- F,: .

_— , ®ROBLL




Laber 4.
PROBL. 3
c Notis duobus quibuf-
cungne lateribus trigoni
veltamuli ABC , veli-
quum invenire,*

Latera reGum angu-
lum ambientia fint AC, - -
AB , hoc &6, pedum, - -
illud 8. ergd cim ACq 47. ¥,
-+ ABq =64 4 36
=100 == BCq, erit BC
=4/ 100 = 10.

B 6 A- Nota fing deinde la-
' : ahd 6 “tera AB(,:I:C, hoc 10,

dum , illud 6, ergd cim BCq = Arq=47, &
‘!,:o_ 36 = 64 = A€q. crit Acq =/ 64.47
=8 o

Pror. XLVIIL

D Si quadvatum qued ab uno-
latere BG trianguli deferibi--
16ty equale (it eis qum. i velie-
quis trianguli lateribus A By
¢ A C defiribuntur quadratis,
ayrlus BAC comprebenfus
Jiib ‘AB, AC veliquis duobus triangule lateribus, ve~
fluseff.
ch ad AC perpendicularem DA = AB, &
junge CD. ‘ o .
am CDq 2= ADq 5. ACq = ABq L. 3 47- L.
ACq = BCq. *ergd CD = BC. ergd trian- * Vid. foge
gola CAB, CAD, ﬁgbi mutud zquilatera funt; Tb‘s"’- !

. quareang. CAB>=CAR*=Re&.Q.E.D,} b}:‘
Sd)o.’.

Aflumpfimus exinde qudd CDq. = BCq,
fewi CD = BC. Hoc verd manifeftum fier ¢x.
Jequentitheoremate, _
- N E - THZ



3%-'\, EVUCLIDIS Blementoruws |

L

,_ . THEOREMA.
B FR GN_. oP Q

l j l R] :....'....51’
K‘ 1 1 K 1

o Ligearum agqualium AB, €D, equalia funt
;qadmta AF, €6; & qu.—zdmtmm equdlium
K, PM ¢qua!m jfmt latera IK, LM,
~ Pro & Hyp. Duc diametros EB, HD. Lij~
quet AF = 2 2triang. EAB = ® 2 triang,

!
t ;.]L....

 #'1&  HCD=CG. Q.E.D.
5. ax. 2, Hyp. Si fieri poteﬁ fir LM o IK. fic
. :‘ LT =1IK; * sitque LS = LTq. ergd LS
Y ,,,,"'"' =NKe¢= LQ_dQE. .ergd LM._I K.
i 9 :
Coroll,
Eodcm modo quelibet: reGangula inter fe
azquxlatera &qualia oﬂcndcntur.

E ' =
'\
¢ o~




"39,/am. /ayn&’(‘%w&ﬂ’o{/

L1B° IT. é/rf" 'j)ru»- IS0
Definitiones. : (

B <

A o

gulum A B C D contineri di~

% citur fub reQis duabus A B,

< (% AD, quz reCtui comprehen=

. L) dunt angulum. .

v Rugndo. igitur dicitwr velaagulum fub B A,
A D vel brevitatis causi, r;t%“‘s:fgulum B ADy
vel BAXA D, (vel ZA pro ZxA ) defignatur
vecEangulum, continetur fuy BA,& AD ad
witmm angslum conflitutis, .

BB e

A X L

. IT. Inomi parallelogrammo. fpatia: EHIK
unumquedq;. eorum, qué circa diamerrum illius -
funt, parallelogrammorum, cum dusbus comple-
mentis Gnomon vocetur. #f Pgr.FB+BL4GA. !
EHM) oft Guomon. stem Pyr. FB—+BI+EM.
GKA )t Guaion. ’

Bz . . Propa.
. »



40 EQCLIDIS Elementorsm™ = |

Prog. L - 1

™ H Y G Sifuerint duavecia lince
: AB, AF, fecetirqueipfa~ -
tum altera A'B in quot-
cungue fegmenta AD,DE,
EB : rectangulum compre-
D B BC, i fub s dusbns ro-
étis lineis AB, A F, aquile eft eis, que [ub in-
feéta A¥, & quolibet fegmentorum A D, DE,
E B comprehenduntur vectangulis,
I L, 3 Stwne AF, perpendicularem ad AB. 2 per
F duc infinitam FG perpendicularem ad AF.
* 3Ex D,E,B erige parpendiculares DH, EI,
BG. Etit AG reangulom fub AF, AB,& !
y 19 4z, 1. Peft 2quale reQangulis AH, DY, EG, hoc eft -
. 341, (quia DH, EI, AF ‘parcs,(unt"_) redlangu-
lis fub AF, AD; fub AE,DE; {ub AF,EB.
Q.E.D. - :

) Sdm’. . .
Propofitiones decem primz hujus libri valene
etiam in numeris. Reliquas quilibet tyro exami-

net. pro hac, fit AF 6, & AB 12, feCtus in

AD 5, DE 3,& BB 4. Eftque 6x12(AG)

=72 6x§ (AH ) =30, 6 in3 (DI)=18.
\ . denique 6x4 ( E G ) =24. Liquec vero |

‘ 30418424=72. N ,
HE \ Pror. IL. .
" o~ Si reffa Brira Z
, 'Y :E' fecta_ fit utoungue 3

, - B=- reltangula , que fub

. . tota Z, & queliber

‘ fegmentornm B, comprebenduninr, equalia funt:
i ¢, quod itota Z fit, quadrate, .

. Dico ZA+Z E=Zq. Nam fume B=Z.

~ % aBftque BA+BE=BZ; hac et (ob B=Z)

ZA4ZE=Zq, QEvD.. Prop,.-




P ) Lwoer £ 4.

Pror. I1IL 3 -
AEZ——A-—;\—' Si reéia linea Z fefla
fir wicungne s redlangu-
- . E lum fub tota Z, &
s #no, fegmentorum E com-

prbienfiom, equale. et illiy quad [icb [egmentis A,
comprebenditur, refiangulo, & illi quod & pradidio
fgmento B defeiibituty quadrate. .
Dico. ZE—AE~+Eq. * Nam EZ=EA~ a 1.3,
EE. . ‘
Pror. IV,

Si velfa linea 2 fe-

&a fit uwenngue; Qua-

A B ;lmtzm, quod G tota Z

sy ofiribitur, equile eft

& illis que 3 fegmentis AE .dej‘c'/,'ib:mmr quzz

- datis, & ¢iy quod bis [ub fegmentis AB compie
benditu:, vectangulo, . ,

Dico Z4—Aq.-+Eq.2 AE:Nam ZA=Aq—+ 2 3. %
AE & ZE=FEq - AE. quum igitar Z A+

- LEb=Zq, cerit Zq= AE.bz2 2
; QE.D,Q’ ) 1=AJ+Eq+2 AR c

X, 4%

Z . F D Abter. Super AB fac
adratum AD, cujus
fameter EB. per divi-

fionis punétum C duc

Rn \l6 perpendicularem CF; &

j 1 per G duc HI pa’rall.
- AB.

A anr Quoniamang. EHG=A

1eus eft, & AEB 4femireQtus, ¢ cric reliquus d 4.0or-32.1
HGE etiam icmire@us. Ergd HEf=HGé= ¢ }*.*
EFs=AC. bproinde HF quadratum eft reCtx 14, 1.
AC. ecodem modo CI eft CBq. ergé AG,GD B 39, def.
reGangula funt fub A C, CB. Quase totum k 19,42
quadrawum AD k¥ = ACq -+ CBg-+ 2 ACB.
QE- Dg . b
. E 3 goroll,



4a

LUVOGCLALUL o LEmMntorsmn
' . Coroll. » A
1. Hine liquet parallelogramma circa diame-

trum quadrati éffe quadrata. 7 .
. 2. Item diametrum cujusvis quadrati-cjus an«

" gulos bifecare,

3. Si A=} Z; erit Zq=¢ Aq, & Ac=3Zq,
item & contra, 6 Zq—4 Aq. erit A=1Z,

Pror. V. ;
— | Si veftalind
A - Q D B AB fecetur in

T aqualia A C,

CB, & uon aqudia AD, DB,. reitangulum fub

m{qwhbm fegmentis A D, D B comprebenfum,

uni cum quadsaso, quod fit db intermedia _fectio-

num CD, aquale ¢f ei, quod 3 dimidia CB de-

[eribitur, quadyate. \ : )
Dico CB¢=A D~+C Dy,

CBq . B
Zquantur )*CDq—+CDP+DBq+CDB
cenimifta )CDq-*CBD(<ACxBD)+CD3
CD-}-rdADB- . .
Scholium. .
<0 Si AB aliter

AR C E D P dividanyr, propi-

_ : us [eilicet pun&o
bifeétionis, in E; dico AEB—ADB.

. Nam AEB*=CBq—CEq. & ADB'=CBq
—CDjq. ergé quum CDqcCEq, erit AEBc™
ADB. QE.D. - - ‘

: Covoll, - .

Hinc ADq < DBq AEq - EBg. Nam
ADq+DBq +2 ADB* —ABq*=AEJ~+EBq
~+2 AEB. ergd quum 2 AEBz= 2 ADB, erit
ADq+DBqr-AEq+EBq. Q. E. D. _

Unde 2, ADq ~ DEq — AE€°—+ EBJ=2

ABP—2 ADB. Lo
.o Pror.




Liber I1.
" Pror. V1.

S i recia linea-A.
bifariam fecetury o
: ili reita quapiam li-
nea B in direllum adjiciatur; vectangulum compye-
henfum fub tota cum adjeta ( fub, AL R), & ada
jecta B, uni cum quadrato,quod i dimidia + A,
aguale et quadyato & linea , qua tum ex dimidia,
tum ex adfecta componitur, tanguam ab una 4 A
E :ﬂgﬁ:ripm.- ( - ) ’ :
ico $AQ(#Q. 4 A) +AE4+Eq=Q.iA 2 4. & 3.
=+E. 2 Nam Q. } A+ E=}Aq—+Eq+ A% Core 4.2,

ol
i

»

coioll. . -
Hinc i tyes re@2 B, E+3A, E+A fint in
proportione Arithmetica, re¢tangulum fub ex-
‘tremis E, E«+A contentum, and cum quadra~ _
6 excelslis § A, 2quale exic quadrato_ mediz
- E+3A, S A

Pror. VII. -
‘ Si vectalinea Z. fe-
e N Celur ntcunque; Quod
A YTE  ateta Z, quodgue ab
- wno [egmentorum B,
stvague fimul quadrata, aqualia fiunt illi, quod bis
fub tota Z, & difto fegmento B comprebenditury
vetangulo, & ili, quod a veliquo fegmente A fit,
quadrato.
Dico Zq+Eq=2 ZE+Aq. NamZq'==Aq a 4. 3.
4Bq+2 AB. & 2 ZEb=2 Eq—+3AE. 2

'y Coroll.
Hinc,quadratum differentiz duarum quarum-
cunque lineatum Z, B, ®quale eft quadratis u-
triusque mintis duplo re@tangulo fub ii):i-s. en 3, &
- ENam ZqepEQumz ZE=AQ=Q Z—B. 3. ax.
"7 E 4 Pror.
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a4

A7 3 &
3. ax.

¥4 3,

S T . e

" A da

an TR
SATH
3
»

4o %
Care 4y %y
4 20

EUGLIDIS Elementornm
Propr. VIIL

Si vefta linea Z e
/%?. cetur wEcunquz;relian
: A & gulwm quater compr
benfum [ub tota Z, ¢ uno fcymentoium B, cames
quod i reliquo [egmento A fit, quadrato, aqualey
&, quod itsta Z, & dito fegimento By tanguwamdb
una linea Z—+B defcribitur, quadrato.
. Dico 4 ZE_a-Aq:Q Z+E. Nam 2 ZE=
Z34+Eq—Aq. ergo 4 ZE+ AQ=Zq+Eq-+2
ZE=Q.Z+E. Q. E.D. .
Pror. IX

& non 2qualia AD, DB. quidratq, que ab inequz-

Lbus totius feoments AD, DR funt, fimul dulie.

ciafint, & eus o quod & dimidia A C, &~ cjus,
gquod ab intermedia (eétionum CD fit, quadran,
Dico ADq+DB1=2 ACq~+2 CDq. Nam
ADq+DBF=ACq+CD¢+13 ACD~Dgqg.
atqui 2 ACD (v2 BCD ) =+ Dq°=CBy

" (ACq) —+ CDqd ergo ADg~+DBg=2ACq
" +2CDg. QE.D. .

Pror. X
—2 , - Siretalinea A fece-
Na_ A E tur bifariam, adjiciatui
. : autem ei in_veltum que-
piam linea; Quod i toja
A cum adjuntia B, & quod ab adjuncta E, utrague

- fimdl, quadtata, duplicia [une & ejus, quod & dix

midia 3 A; & éjus, quod & compofita ex dinidia,
& adjuniia, tanguam db uma § A+ E sdeferipmm
eft, quadrati. . B

- Dico Eq-+Q. A+E, hoc eft+ Aq42Eq-53
AE=1Q 4 A2 Q4 AqE. Nam 2 QLAY

- FiAg & 3 Qi A+B=jAqr2Eq2 AR

Prop.

bt 2y Si velfa fims |
A C O 7 AB fecetwr in o |
- -qualia AT, Cp,




Liber I1. n3
Pror. X1I.

€ B Datam veltam lie

. ) / p - neam AB fecarein

LV WG, ur compreben-

. | fim [k tota AB,

‘ Ié'a!tem Jegmento-

L { 1am BG vectangu-

D lum, aqude it ei,

4 A qwod & veliquo feg-

- mento AG fity quadyato,
- Super A Bdefcribe quadratum A C. latus a 46. 1
ADb bifecain E. duc EB, ¢x EA produ&aca- b 10.1.

pe E F=E B. ad AF ? flatue quadiatum A H.

Erit AH=ABxBG. -

Nam protratd HG 2d I; ReQang. DH+
EAq°=EFq*=EBq"=BAq+BAq. ergéd DH ¢ 6. 2
f=BAqi= quad.BI?C_. fubg'ahe eo?nmﬁxc AL d "”'ﬁ";
‘Fremanet quad. AH=GC;¢id et AGg=ABx £ 3

o

f .
BG: Q.E. F. 3o

: - Schelium, )
. Hzc Propofitio numeris explicari net};ﬁt 5% vid, 6: 13,
- * eqae enim ullus numerus ita fecari poteft, ae :
. produdtum ex toto in partem unam 2quale bt .

quadrata partis relique. .

- Pror. XIIL .

It amblyzoniss tiiangulis ABC
quadvatum , quod fit & lateve
A C auydum obtufum ABC
Jubtendente, magus oft quadratisy
D g#e flunt & latesibus AB, BC
; : obtufum anguidn A B C com-
 Prebendentibus , veltangulo” bis comprebenfo, & ab
unp lazerum B C, qua funt civoa obiufum angulum
ABC, in quod, cam protvaltum fucritycadit per=
, bendicularis AD,r ab affumpta exteving linca BD
iul pependiculari A pioye angulum o"mj:'m
"ABC. . Dico




Lalf

46

a47. 1.
b4 2
[ 47' 1

L a4y
b 7.2,

€ 47 L.

- hunc deme ex 100, manet 26 pro 2 CBD. unde

EVCLIDIS Elementovum

Dico ACq=CBq -+ ABg+2CBx BD
Nam ifta AC!%.
zqualiz )* CDq «+ ADq.
funt in-")" CBqw 2 CBD —+ BDq+-AD
urfe CBq—+ 2CBD ¢ + AB4. -

Schol, _ _

Hinc, cognitis lakeribus trianguli obtufangalk
ABC, facile snvmientur tum fegmentum BD inter
perpendicularem A D, & obrufum angulum A B C
interceptum, tum ip(a perpendicularis A D. i
Sic;SitAC 10, AB 7,CB §; unde ACq 100, |
ABq49,CBg25. Proinde ABq + CBq = 74

CBD erit 13, hunc divide per C B g, provenit
24 proBD. quare A D invenitur per 47. 1.

Proer. XIIL
A In oxygoniis triangulis ABC
quadratum & latere AB angu- |’
Im acutum ACB fubtendente,
- minis eft quadratis, que funt & |
€ laseribus AC, C B acutm an- |
gulum A C B comprebendenti-
.. bus, reltangulo bis comprebenfs, |.
& abune laterum BC, que [unt circa acutum ar- |
gulum ACB, inquod perpendicularit AD cadit, & |
ab aflumpta intevius linea DC [ub perpendiculasi
A D, prope angulum acutum A C B.
DicoACq+ ECq= ABq—+ 2BCD.
ACq+BCq. -
Nam zquan- * ADq+ DCq+BCq.
turifta ) A Dy BDg 2BCD.
’ sABq+ 2BCD.

. Coroll, v

‘Hinc etiam cognitis datcyibus trimguli ABC,
iwvcire eft tam fegmentum D C inser pespendicula-
’ rem




Liber ILI. " 47

ven A D, & acutum angulum A B C intevceptum,

aim ipfam perpendicularem AB,

SitAB13, AC 15,B C 14, Detrahc A Bq

"(169) ex A Cq + BCqhoceftex 32§+ 196
‘= ¢at3remancet 22 pros BCD; unde BCD -

erit 126, hunc: divide per B C 14, provenit 9
poDC. unde AD=4/: 33581 =11.

. Pror. XIV. .
QA 0.4
- \A ’ D Gl AP}
’ I L. B

B .

" Date relfilinco A aquale quadratum ML in-
wenire. : )

. * Fac retangulum D B= A, cujus majus la- a7ys.1,

“tus DC produc ad F,ita ut CF=CB. P Bi- b 10.2¢

~ feca DF in'G , quo centroad intervallum GE

 deferibe circulum F H D, producatur CB, do-

" nec occurrat circumferentiz in H. Erit CHqz=* 46-1,

*ML=A : 3 un_fr.é'

©_Ducatur enim GH. Eftque A<= DB =¢ 5 %9

" DCEi=GFqw GCy¢= HCq*=ML ¢ 4> 1. &

" QE.E. ' : 3,48

LIB.



cm. yﬂwﬁu}&%ﬂ/"‘t:g‘ Ot tn—ipo H
LI1B. IIL '
Definitiones.

N Quales circuli ( GAB C,1
N H D E F) funt, quorum diz-
g merri funt 2quales, vel quo-

A rum quz ex centris re&te li-
nex GA, HD, funt zquales.

A
I1. Refa linea AB.cir|
culum FED tangere dici-
tur, quz ctim circulum tan-
gat, fi producatur circulum
/ non fecat,
Recta F G fecat ciscu-
ium FED., =~ ‘.

E .
111. Circuli DAC, ABE (item FBG,|.
ABE) fe mutud tangere dicuntur, qui fe mutsd |
tangentes fefe mutud non fecane,

Circulus BFG fecat circulum FGH,

In



3

-~ Liber III.
FAK ' IV. In o

B GABD =qualiter.d;.
ftare 3 centro dicyn..
tur re@z linez F g

5 M KL, cim perpendi-

* culares GH,GN qoa-

a centro G in iplas

D C ducuntur, funy 2qua-

£ L les. Longits autem

. abeflefllaBC dicitur,
M qu ammajor perpendicularis GI.cadit, -

B V. Segmentum

. - circuli (ALC) eft .
: figura fub
A C rejsé‘tla line::]ui CJ,

& circuli peripheria
ABC comprehendie

tur, .

D -

" V1. Segmenti autem angulus (CAB) eft,
qui [ub reéta linea CA, & circuli peripheria AB
comprehenditur, . '

V11, Inflegmento autem (ABC ) angulus
(ABC) eft, cam in fegmenti peripherja {um-
Pum fuerit quodpiam punum B, & ab illo in
terminos re&tz ejus linez AC, que legmenti
bafis eft, 2djun&t fuetint retz linex AB, CB,
is inquam angulus ABC ab adjun@is illis lineis_
AB, CB comprehenfus,

VIIL Cuim verd comprehendentes angu-
luee ABC, re@z linez AB, BC aliguam afiu-
munt peripheriam ADC, illi angulus ABC in-
hltere dicit: r,

- Y Ca

49



50

at15.def. 5.

b8 .
€ 1o. def, 1.
d 2z X,
9. ax,

EVYCLIDIS Elementorum
I X. Setor autem ' circuli

A
B “(ADB) eft,ctim ad ipfius cit-

culi centrum D conftitutus fu-

erit angulus ADB; compre- |

henfa nimirum figura ADB.
& 3 re&islingis AgD, BD an-
gulum continentibus, & & pe-~
ripheria AB ab illis affumpta,

A

"X. Similia circuli fegmenta (ABC, DEF) |
funt, quz angulos (ABC, DEF) capiunt 2- [*
?uales; aut in quibus anguli ABC, DEF inter |-

e funt 2quales.
Pror. 1.

_ centrum © repevire.
Duc in circulo re-
&am AC utcunq;,quam
bifeca in E. per B duc
Eerpendirularé DB.hanc
ifecain Foerit F centrd,
C Si ncgas, centrum

) DB (nam in ¢a effe non
: poter, cim ubigs exm
¥ dividatur inzqualiter ) ducantirque G A,

GC, GE. Vis G centrum effe; 2 ergo GA =1
‘GC; & per conftr. AE — EC, latus verd GE |

- commune eft; ® ergo anguli GEA, GEC pares,

- & ¢proinde re@ifunt, dergd ang. GEC=FEC |
el cQE. A | ¢

Dati cirenli ABC

efto G, extra re@am |,

|

=

[ —

cooll. |



ks Liber IIL

o & . Coroll. ’
iphs: Hinc, fi in circulo re@a aliqua linea BD ali-

]m;m} quam reftam lineam AC bifaridm & ad angulos ,

B; s sectos fecet, in fecante BD erit centrum,
ours A

DI ‘ Q

Q_ad circumferentian applicato, Si enim reQa

¢.” Dg jungens punéta D, & B, in quibus nore .

6P me Jatera Q D, QE peripheriam fecant, bifece~
DEF® tur in A , erit A centrum. Demonftratio pen-

 det ex 3 1. hujus, 3

GA Pror, IL

st Si in circuls CAB periphes
irech ‘via duo qualibet punita, A,
G B accepta fuerint, vefta "linea
per £ AB, que ad ipfa punita ad-
DBb Jungitur o intra circulum ca-
Faf det. .
) Accipe in re@a AB quod-

218 Vis pun&um D, & ex centro C duc CA, CD,
¢ftt CB. & quoniam CA*= CB,teritang A=
;¢ B, Sed ang. CDB = Ajergoang, CDBey,

.5 0 ufque non pertingit. ergd pun&um D eft intra

~ot €irculum, Idémque clfend,emr de quovis alio

_p pun@o re@z AB. Toua igitur AB cadit intra
¢irculum. Q.E.D, . :

o ’ ; F 2 caroll,

Facillimé per normam invenitur centrim vevtice Ande, Tecq,

1)

def. 15
L.

u‘e"G" B.¢ ergé CB c~ CD. atqui CB tantiim pertin- ¢ 16. 1.
“GA: git ex centro ad circumferentiam; ergé CDco- d 19. T,



a
b
<
d
£
1
f
$

32

byp.
is.
8

5o, def. 1,
by &

1. 4ax
§. 1.
26,

def. 1.
t

EUCLIDIS Elmentorsm

o Qe . .
" " Hinc, Refa circulum tangens , itd ut eum §
pon fecer, in unico puncto tangit.

Prop. 11T,

Si in civewla EABC
velta quadam linca BD
per centium  cx € [
quandam AC non per
centrum extenfam bifa-
viam fecet, (in F) &
c ad angulos rectos ipfam

Jecabit 3 & fi ad angu-

los seclos eam ficet, bi- |
D. Jariim quogue eams [e-
' ' cabit.

- Excentro E ducantur EA, EC.
. 1. Hyp. Quoniam AF* =FC,& EA'=EC
latisq; EF communeeft , ¢ erunt anguli EFA,
EFC pares, & 4 confequenter reéti. Q. E. D.

2. Hyy». Quoniam ang.EFA ¢—EFC,& ang.
EAF f= ECF, latisque EF commuse, $erit
AF=FC, BifcQa eftigitur AC. Q.E.D.

aroll, 7 -

Hing, in. trian§u£ quovis zquilatero. & Ifo-
keele linea ab angulo verticis bifecans bafim, per-
pendicularis oft baG, & contrd pérpendicufari!
ab angulo vertigis bifecat bafim.
ol Pror. IV,
8i in cirelo ACD

U duercialinesa AB, CD
[efe mutuo (cent aon per
centrum-B extenfe , [fe
¥\ wintud bifaiiim non fece-
i v B bint.

- C ‘ Nam fi una per cen-

L i |




- . . Asoer L 1 4, )

. trum tranfeat, patct hanc non bifecari ab lrera,
qué ex hyp. per centrum non tranfit,

Si neutra per centrum tranfit, ex E centro -
duc EF. Si jam ambz AB, CD forent bife&Q= -

in F, anguli EFB, EFD * ambo effent retti, & 2 33
_ proindczquales, P Q. E. A. 9. ax.
Proe. V. »
_B__ © 8 dwo Eirenli

BAC, BDC /e
mutuo fecent o non
et illorum idem
cen'ion Bl

Alids enim du~

A &is ex communi
] centro B relis
EB,EDA  effert |,
: alts. def. x

ED* = EB =
EA.PQ. E AP s m
4

Pror., VI,

. B Si dus civewli BAC,
BDE, [efe mutup interins
tangant. (in B) eorum nom_

1 evit tdem centrum B, .

' Alias dulis ex centro

F reltis FB, FDA, effent
FD * = FB *= FA, 215 &fs
: b3

bQ.F. N. R F
| )

A

F3 Pror.:



5% EVUCLIDIS Elementorum.

Pror., VIL

i in AB diame-
tro cirenli quodpiam
Sumatur punitum ‘G,
quod civuli centricm
non fity ab eéq; pun-
ko incivculum que-
dam  velle lince

dunty maxima qui-
dam erit ea (GA)
in qua centrum F,
mimima very veliqua GB. aliarum verd illi, que per
centrum ducitur, propinguior GC remotiore GD
femper major eft. Duxe astem folum veihe linee
GE GH ‘aquales ab eodem puntto in circulum ca-
dunt 5 ad utrafque paries minima GB, wel maxi-

. me GA.
23. 1. Ex centro F ducre®as FC, FD, FE; & * fac
ang. BFH = BF&.
0. L 1. GF + FC (hoc et GA)* =G C.
Q.E. D.

15.def. 1. 2. Latus FG commune cﬁ,b & FC *=FD,

9. 4x.  atque ang. GFC ¢ GFD 4 ergé baf. GC’

24..  ~GD. Q. E. D.
120, 1. 3. FB (FE) ¢=3 GB 4 GF. ergd abla-
‘5. 4% to communi . FQ f remanet BG — EG.
' Q. B. D. : '
4. Latus FG commune eft, & FE =FH;
conftr,  atqueang. BFH 8 —BFE. hergé GE = GH.

1
i

4 % Qudd verd nullaalia GD ex pun&o G zque-
tur ipfi GB, vel. GH, jamjam oftenfum eff.

Q.E. D.

Pror.

GC,GD, GEca-




.

- Liber I.II,.

Pror., VIIL .
DO T 8% extia cricu-
lum fumatui  pun-
. Ctum quodpiam A,
ab coque punclo ad
- cicidum deducane
tut. quadam linca

quidem AL per cop-
trum K protende-
tuy , veliguze verd
" uthbet; in-cavain
peiipheriam, eadcn-
vium reflavmm bisc-
arUm PAXHRL G
) dem eft illa AT,
que per centyuom ducetnr 5 alizum auten € que per
ceatyum tranfit propinquior AX verotiore AG frus-
per major eft. In cojrvexam verd peripheiiam ca-
dentiigm vectarum linearum minima quidem cft ila
AB, qua inter punitum A, & digsctram Blin-
tevponsturs aliarum auten ea, -qua e minime pro-
pinguior AC vemotiore ‘AD femper minoy ff. Duz
antem tantim relie linez AC, AL aquales ch co

53

Al, AR, AG, .
AF ; quarum yna

puncto in ipfum covenlum cadunt , ad wutrafque pay=

tes minime AB, vel maxima Al

Excentro K duc retes KH, KG, KF; KC,

KD, KE. & facang. AKL = AKC.
1. AT (AK+KH)?*c AH. Q. E. D.
2. Latus AK commune eft; & KH = KG;
atqueang. AKH — AKG. bergo bal. AH -
AG. Q E. D.
3. KA <—KC4.CA. aufer hinc indé =-
quales KC, KB, 4erit AB 3 AC.,
" 4 AC <+ CK ¢ ='AD = D K. aufer
hinc indé zquales CK, DK, € erit AC-2
. Q E. D
AD. Q. B Faq . Latus

a 20. L

b 24. 1.

e 20. 1.
d 5. ax.
‘e 21. 1.
fs. ar



ETUCLIDILIS Liewentorum

5. Latus XA eft commune &KL =K C;

e conft, . atque ang, AKL8=AKC,bergoL A=

h 401 CA. hifce vero nulla alia zquatur, ex mox
oftenfis. ergd, &c.

. Pror. 1X.

Siincivenlo B CK acce-
piemfucris punttum aliquod
‘A, € ab co puncto ad circu-
lums cadant plures, quim duse
refle linee aquales A B,
A C, A K, acceptum pun-
Gium . A centrum eft ipfus
civeuls.

Nam ? 3 nullo punéto
A 73 extracentrum plures quim duz re&tz linex 2

quales duci poflunt ad circumferentiam, Ergd A
eftcentrum, Q. E.D. .

Pror. X.

Cireuls TAKBL.
circwlum IEKFL
K in pluribus quins

duchus punctis non
| fecat,

P Secet, fi fieri
" poteft, in tribus
undis I K L.
un&z IK KL.
L bifecentur in M -
& N. * Ambo
circuli centrum

| habent inYingulis perpendicularibus MC, NH,
& proinde in earum interfetione O. ergo fe-

cantes cisculi idem centvum habent. 8 Q. F. N.

i ' Fror..




cLavey 111, - 57
Pror. XI. -

8i duo circuli
GADE, FABC
. fefe intus contin-
gant, atque accepla
Juciint corum cen~ -
traG, F 3 ad eo-
vum centea adjun—
Garelta linea¥ G,
& productain A
comactem circulo- =

: ’ _ twm cadets -

Si fieri poteft, rea F G protra&a fecet cir-

tulos extra contaltum A, ficut non FGA, fed
FGDB fit” ve&a linea, ducarur G A. Etquia .
GD*=GA,& GB G A,{cim1eRa FGB a 15,4,
tranfeat per F céntrum majoris circuli) efit GB b 7. :.
‘jGD. fQE'A' - . € 9.4x,

Pno'P: XI1I.

Si duo civculi ACD, BCE [ofe cxteriis continm
gantylinea velta AB que asi coiun ceniga A, B ad- -
Jungstur, per contactum C tranibit.

Sificri poteft, fir reéta ADEB fccans cirgulos
extra contatum C in punétis D,E. D:c AC;
CR. erit AD — EB'( AC+CB ).t AD- a 20, 1.3

b Q. E. A, *b 9. ax
By 1QE.A Fg Paop. B
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~ Pror. XIIL

‘ * Civculus
CAF cir-
culumBAH
705 tangit 41
plurtbuspun=
Clis 5 quam
um A, flue
intus .- frve
extra tamgat
" 1. Tangat,
£ fieri po-
teft, inths
inpunéis
A,H. * er-
. g0 reQa

. €B. centra
' connelens, fi producatur cadet tam i, A, quim
> 15, 4f.3, in H. Quoniam igitur CH* = CA, & BH~
c 15.def. 1. CH. erit BA (° BH) .- CA. ¢ Q. E. A, )

L 11 3o

1 9. ax 2. Sin dicatur exterilis contingere in pun&is.
2 3. E & F,edulare®ta EF in utroque circulo erjt.
Circuli igitur fe mutud fecant, quod non po-
mitur. : : .

Pror. X1V,

12 cirewlo EABC
®qkales vella linee
A€ BD, equaiter
diftant i centvo B, &
gure AC,BD equali~
ter diftant i centro, @~
quales (unt inter fe.

Ex centro E duc

: r il ) perpendiculares EF,

3.3 EG ¢ 2 quz bifecabunt AC, DB. connee EA
IB. ‘

7. an 30 Hpo AC=BD.ergdo AFP = BG. (ed &

. EA




Locr

l.l.l-

EA =EB. ergd FEq < ='EAq — AFq Zew &
EBy—tGq=EGq, dergé6 FEZEG.Q.E.D. 3.a»
. 2. Hyp. EF= EG.ergd AFq “=EAQ—EFq= d Schotd.s

EBq— EGq <= GBq. ergo AF ¢
¢ proinde AD = BC. Q_EVD
‘ XV.

Prop.

. FAKB
%

H 4T

p LG

G‘B} ¢ 6, ax,

Inciveulo GABC
maxima quidem linea
eft diwmeter AD; ali- |
aium antem centro G
peopinguior FE remo-
tiore BC femper ma-
jor eft.

1. Duc GB,GC. -
Diameter AD { 2 2 5. define
GB + GT) 'cBC p 30,4,
QE.D T

9. Sit diftantia -

GI — GH. accipe GN = GH. per N duc

.;“ KL perpend. GI. junge

GK, GL. & quia

GK =GB, & GL =GC; éftque ang. KGLe-

;. BGC,carit KL(FE) BC. Q. E.D. ¢ a4y,
: - Pror. XVI.
) 42 CD
b al;%xty'cmié

CF A

sate diame="
i BA cs
L iwas cireuli
BALH ad
argulosvectos
ducitur, cx-
tra ipf s cdem
ol cailet,
<rin locwm
ziter ifam
reffam livgs
am, & peii=
phenid com-
Drehens
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b 19 1.

LV O LI TR O EHWMENRLOrHmIE

prebenfum dtera rectalinea AL non cader,'dr fe-
miciveuli quidem anguizs BAY quovis angwle acute

- vellilineo BAL major cff; veliauns antem DAI

miizor.

1. Ex centro Bad quodvis punctum F in re-
&a AC duc re&am BF. Latus BF fubtendens
angulum re§um BAF 2 majus eft latere Ba,
quod opponitur acutd BF 4. ergé cim BA(BG)
pertingat ad circumferentiam, BF ulteritis por-
rigetur, adefque punéum F, & eddem ratione
‘quodvis aliud reGtz AC, extra circulum fitum
eit, Q. E.D. N ,

2. Duc BE perpendic. AL. Latus BA oppofi-

tum refto angulo -BEA * majus eftlatere BE, -

qucd acutum BAE fubtendi:: erglé pun&tum E,
adedque tota EA cadit intra circulum, Q. E. D,
3. Hine fequitur angulum quemvis acutum,
nempe EAD ahgulo contaltiis DAL majorem
effe. Ttem angulum quemvis. acutum BAL an-
gulo femicirculi BAL minorem effe. Q. E.D.

Coroll,

Hinc, re@a 3 diametri circuli extremitate ad
angulos rectos ducta ipfum circulum tangit.

Ex hac propofitione paradoxa confequuritur,&-
mirabilia bene multa, qua vide apud interpreres,

Prop, X VIL

E Adato punto A velfam
lineam A C duceve , qva

tangat. -
Ex D dati circuli
centro ad datum pun.
. @Gum A ducatur re@a
" D A fecans peripheriam
in B. Centro D defcria
ke per A alium circulom

A¥;

{

datum circulsm DBC ‘



St W7 - K A

A Ej &ex B duc perpendiculsremad AD, quz
. .occurratcicculo AEin E. duc ED occurfentem
circulo BCin C, ex A ad C du&ta_reda ranget
circulum DBC, | . . :
NamDB*=DC, & DE*= DA, & ang. 4 5. def
D communis eft : ®ergd'ang. ACD =EBD, b 4. ;.
reft. ¢ergd AC tangitcirculum C. Q. E. F.

1 Pror, XVIITI,

* 8 cirenlum FEDC
tangat relia quapiam
linea AB, i cemtyo au~
tem ad comtalinm B ad-
jungatur relta quedim
linea FE 5 qnee adjun-
ttafuerit FE adipfom
contmgentem AB per-

: pendicularis evit.

Si negas, fit ex F centro alia quzdam F G
perpendicularis ad contingentem, * fecabit ea cir- 2 2- def.
culum in ©. Quum igitur ang. FGE reftus
dicatur P erit ang. FEG acutus ¢, ergd FE

Y cor. 16,

b cor. 17

(FD) - EG. <Q.E. A. ise
Pror. XIX,
A B Si circulum te-

gertt recta qua-
piam linea AB, &
contalin autem C
ycftalinea CE ad:
angulos veclos ipfi -
tangenti excitetnz,
in excitata GR
E c;it CCTLTHM Chy e
, 4.
$i negas, fit centrumextra CEinF, & ab F
ad contaCtum ducatur FC. Igitur ang. FCB
retuseft 5 & 2 proinde par.angulo ECB refto 3 %
F bypoth. PQ.R.A.. A
Propy



Provr. XX

DA

In civeulo ©ABC, angulus BOC &d centrums
duplex eft anguli PAC ad peripheriam , ciim fuerit
eadem pevipheria BC baffs angulgrum.

- Duc diametrum ADE.
. Externus angulus BDE 3 =DAB ... DBA b=
32,1, 2 DAB. Similiterang, EDC = 2 DAC. ergo
5. L in primo cafu totus BDC =1 BAG; fed in.ter-

0.4z, tio cafu ¢ reliquus angulus BOC = 3 BAC."

Q.E.D. i
Pror. XX

A B A% ,
Y c< . o

In civenlo EDAC qui in codem fegmento funt ane

, guli, p AC & DBC funt inter [ equales.
, 1. (af, Sifegmentum pasc {emicircalo it
0. 3. A*=5¥== 2B. QE.D.
3. _C‘}[. $in fegmentum femicirculo majus non
fucrir, fumma angulorum trianguli Ap ¥ zqua-
‘5. I tur fumma anguforum in triangulo Bc¥. Dee
or i+ caf. massuthinc indé arp b= BFc, & aADB
4CB, (MANCUIDAC S DBC: Qo Br B

- majus, ex centro B, duc 5p,5c. Eritqs 2ang.




———w v & e

Pnor. X XII1,

) .@adrilatm-
B tem ABCD in

_ cireulo deferipto-

vii anguli ADC,

ABC,qui ex ad=

verfo, duobus vea

Ctis funt equales,

Duc A~C,BD,
A C Ang ABC—Q— -
~ \ BCA +BAC23 52, 3,
D

=2 Re&. Sed
BDA":BCA b 21. 3.
BDC“:.BAC.=crgo ABC-A-ADC_.ZRC& c 1. 4%,
QED
&mﬂ.

1. Hinc , & * AB unum latus quadrilateri * vid-fig:
in citculo de(cnpu producatur, erit angu- agram.
lus externus EBC 2qualis angulo ipterno
ADC, qui opponitur ¢i ABC, qui eft dein-
ceps externo EBC. ut parepex 13. 1. & 3.ax,

3. Irem circa Rhombum circulus defcribi ne-
quit 3 quia adverfi ejusanguli vel cedunt duabus
tetis, vel eos exceduant.,

SCHOL.

anguli A, & C,
qui ex adveifo
 cimobus veitis &=
quantyr , cired
quadrila evum
cercilus defcribi
por fh.

Nam circu=

lus per quofli-




vy L VUL LAY Lniicmenrorens
bet tres angulos B,C,D transibit_( ut patebit ex
§.4. )dico eundem per A tranfire.Nam fi neges,
122 3. tranfeat per F. ergd dudtis reis BF,FD,BD;
> byp. ang. C+F =1 Re€t, b==C—+A ©quare A—F,

£ 3. ax,
1ar,1, $Q.E.A.

Pror, XXIII

Super eadens re-
&alinea AC duo
civenlorii fegmen—
ta ABC, ADC

» Jimilia & inequa-
lia won conflituentuy ad eafdem paries.
Nam fi dicantur fimilia, duc CB fecantemy
circumferentias in D, & B, & jungs AD,ac
a to. def.3. AB. Quiafegmenta ponuntur fimilia, ? erit ang,
b6 1.  ADC=ABC® Q. E:.A,

- Propr. XXIV.

Super o=
- qualibs relfis

| Sy - . lineis AC
"B "E\ DF fmiliz

- . circulorie fea
<D -jF gmétaABC,

E B G DEF funt

snter fe #=
_ qulia,
) B AC
, iuperpofita
AL F F b5 DR ai

congruet, quia AC=DF. ergd fegmentom

; ABC congruer fegmento DEF (alias enim

33, 3. aut intra cadet, aut emtra, 2 atque itd {egmen-

tanon erunt fimilia, contra Hyp. aat faltem-

; Eartim intra, partim extra,adedquc ipfum ia tria

" ¥o. 3. bus pun@lis fecabit, ® Q. E. A. )" ¢proinde fe~
8 o' gmeatsm ABC=DEF, QE.D:.
I _Raom,




cLaver 1110 07
" Pror. XXV. .
B Cirenli fegmiento
ABC dato , deferi-
beie circulum ,. cujns
«ft fegmentum,
< ﬂS/x‘xgtendantur ut-
" cunque duz relz
AB, BC, quas.bi-'
feca in D,& E: Ex D, & E.dc perpendicu~
. lares DE, EF occurrentes in punéto F. Hoc
~ erit centrum circuli. - ’ L
~ Nam centrum * tam in DF , quim in EF a (2.3
~ exiftit. ergd in communi punio F. Q.E. F.
Pxor. XXVL

.A*‘ B

. In equalibus cireulis GABC,HDEF egnales an-
- gwls equalibus peripheriis AC, DF in"ftunt, five ad
centva G,H,frve ad peripher.B,B conflituti infiftant.
. Ob circulorum zqualitatem, eft GA=HD,
& GC = HF item per hyp. ang. G=H.
lergd AC=DF. Sed & ang. B*=1G=<c;1 {4
Hb=g. dergo fegmenta ABC, DEF fimilia, ¢ 1o >
e & proinde paria funt. f ergd etiam reliqua fe- d ro. def. 3.

!mcma AC, DF zquantur. Q.E. D, e 24, 3. “
VA Scholinm, £ 3 e

D 1ncirculo ARCD, fit ar- =

cus AB par accui DC; erit o1

AD parail. BC. Nam duéta:

AC,%ritang ACB=CAD. _ ,; ..
uaré per 27. 1.

c? l)‘:G 3 Pror.



LCUCLLD IO Ciemniorum.

- Pror. XXVIIL
B @ E In equali-

‘'GABC,
HDEF¥,ax-
B ~guli_ i s
- qualivus pe-
A ) K sipheriis AC.
’ . DEFE’ ins-
unt,[unt inter fe equales, five ad centra G,H,

g'ue :;afl- pevipberias B, E c,tmﬂuuu infiftant.
Nam £ feri poteft, fir alter eorum A‘GC:-‘
a 26. 3. DHEF. fijtqne AGI=DHE. egd arcus

o, AP=DF=AC.<Q.E.A

. SCHOL.

Linea refa

F EF, qua dulla
ex A medio pun-
{To peripberia a-
licujus BC cir=
cklum  tangit o
parallela eft ve-
éte linta RC,
qua pevipberiam
illam fubtendit.
“Duc & centro

- - D ad' conta-

&um A reGtam DA, & connefte DB, DC.
-’ Latus DG commune eft; & DB=DG, atq;
't 27. 3. ang, BDA*=CDA ( ob arcus BA, CA P 2=
: 'ngle

2 byp- s) cergd anguli ad bafim DGE, DGC
3 f;_';,,ﬁl_ 2quales & dprom:te&i funt, Sed inteeni an-
s hyp, - guli GAR, GAF.cetiam rei funt, f ergd BC,

-

“28 1. EF [une parallele. Q. E. D,
' ' Pror,

bus circulis .




- lisvelte linea AC, DF [ubtendans.

:
i

. Liber YIN. - 67
’ Pror. XXVIIT. .
In aqualie
bus  civenlis
GABC, .
HDEF & -
quales relte
F linez AC,
DF aquults

- peripherias anferunty majorem quidem ABC ma-
- jori DLF, minovem autem A1C minovi DKF,

B centris, G, H duc GA, GC; & HD,HF.

| Quoniam GA=HD, & GC=HF, atque
" AC3*=DF; berit ang. G=H. cergdarcus a byp
- AIC=DKF. 4proinde reliquus ABC=DEF. b & 1.

26, 3.
QE. D. a3 o
Pror. XXIX. o
In equali-
bus  civculis
G ABC,
HDEF &
A A quales periphe-

T 7P vizs KB C,
K DEF ¢quz-,

Duc GA, GC; & HD, HF. %ia GA= -
HD; & GC=HF; & ( ob arcus AC, DF

. ! pafedetia; .Gb=Hj <erit bal, AC=DF.
(lp'alﬂ.%aénang 5 <erit ba a byp.

i

b 27. 3.
Hazc'& tres proxime prazcedentes intelligan~ ¢ 4. % -

- tur etiam ‘'de godem circulo,

.

Propr. XXX.

Datam pevipheviam ABC
bifwiam fecare.
Duc AC; quam bife--
¢a in D. ex D duc per
D- . ¢ pendicularem DB oc
Currentem arcoi in B, Dico falum.
. G 4 Jun-
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a conft-.
b 12. gx.
€4 1,
d 28, 3,

wn
_§~

o
w

% 1.
d 10.def. 1. "
€ cor. 17, 1,
f 21,3,

5’. 4=,

EvVCLIDIS Elementornm

Jungantur enim AB, CB. Latus DB com—
mune eft; & AD* =DC; &ang, ADpb—
CDB. cergd AB==BC. *quate arcus AR =
BC. Q E. F. A ;
Pror. XXXI.

12 circulo aapuli
ABC, gsiin femni-
circwlosvectus oft; qui
autem in majore fe-
gmento B - C, minor

[ ¢ recto; qui vero in mi-
aove fegmento BFC,
major eft vecto. Et in~

" Juper angulus majoris

Jegments selfo qui-
- dem major gzﬂ, mino-
¥i5 autems fegmenti us, minor et re€te,” -
. Bx ccnt{:(fml; duz”glls. ia DB = DA, erit
ang. A 2 == DBA. pariterang. DCB*=DBC.,
bergo ang. ABC = A + ACB <=EBC,
dproinde ABC, & EBCrei funt. QE. D.
tergd BAC acutus eft. Q.B. D. ergd cim

. BAC 4 BFCf= 2 Re@. erit BFC. obtufus,

denique angulus fub reGta CB, & arcu BAC
major eft re@to ABC. falus vero fubCB, &
BFC peripheria minoris fegmenti , reto EBC
S minor eft. Q_E.D. .

‘ SCHOLIUM.

- In sidangulo veltangalo ABC 5 £ hypotemufa

AC bifecetur in D, civculus centro D , per A de-
feriptiss tranfbit per B. ut facilé ipfe demonftra-
bis ex hac, & 21. 1. .

Prop,

|
{




Liber 111, s

Pror, XX XII A
Si civculum teti-
geiit aliqua vella li-
NE AB; I contaltu
awié hroducatur que-

F circwiin fecans: an-
gt BCB, ECA,
quos ad contingen-
tem facit, aquales

4 Junt iisy qui in alter-
- G 4 B s circuli fegmentis

eonfiftunt , angulis EDC , BEC. .

Sit CDlatusanguli EDC perpendiculare ad
AB (* perinde enim eft ) bergd CD eft dia-
meter, <crgd ang. CED in femicirculo rectus
eft. d ergoé ang. D4-DCr=Re&. *=ECB «+

. DCE. fcrgop ang. D =1CB. Q. E. D,

-.Cimigitur ang, ECB + ECA £ =1 Re&.
b= D . F; aufer hincindé zquales ECB, &
D, kremanent ECA=F. Q.E.D.

- Pror. XXXIIL
i Super da-

1 ‘ ta velta li-

E nea AB de-

\3| _ [feibere cive
: culi ftzmene

tum AIEB,

A B i guod eapiat
’ ancu'i A1B
zND ¢ - ﬂ’qiulem da-

toanyule ve-

: ¢iidiaco C.

3 Fac ang. BAD = C. Por A duc AE per-
sndicularem ad H ). ad zlterum werminem
darz AB facang. ABF = BAFL. cujus alterum
laws fecer AE in F. cenno F per A defcribe
cizculum , quod t:anfibit per B (quia ang. 1E‘:\}A

'y

69

dam rcétalivea CR

a 26 3.°
19. 3.
€ 313,
d 32, 1,
€ conkr,
€ 3. ax,
ﬁ 13. 1.
22, 3.
k 3. ax,

a 23,1



=6 EUCLEIDIS Elementorum.
b_ conftr,  b—=TFAB , € ideéque ¥B =FA ) H fegmcntuni
€6 AIB cft id quod quaritur. - '
Nam quia HD diametro AE perpendicularis
d cor. 16, 3. ¢ft, 4 tangit HD circulum, quem fecat AB. ergé
€ 32.3. ang AIB¢ =BAD f=C. QE.F.

£ confl. Prop. XXXIV.
A dato circula

‘ ~ ABC fegmentuim
C ABC dbjiindere

capsens  amgulum
B equalem dato
“Is‘ﬂ""’ reétilinee

.  Duc reQam
am i E F . EF, quz tangat
b datumecirculum in A.P ducatur ivem AC faciens

23- T+ ang, FAC =D, Hzcauferet fegmentum ABC
¢ 31, 3. <apiensangulum B ¢=CAF¢=D, QE. F.

demfre  pror. XXXV,

A
c .
D
\ﬂ q
D L
HB -
Si in circulo FBCA due refte linea AB, DC
fefe musid- fecuering 5 rellangulum congorebn?z




- Liber 111.°
fub fegmentis AR, BB unius, equale oft ei quod
fub fegmmm LE, ED dlterius com;r:ebendtmr,
vectangulo, '

C4f. 1. 8i reQta fefei in centro fecent, res cla-
ra eft.
2. Siuna AB tranfeat per cenrrum F, & re-
- liquam CD bilecet, duc FD. Eftque Re&ang
. AEB + FEq *=Frq "= FIn “=EDq «+ 2
~ FEq¢ =CE" . FEQ. ¢ergo Redtang, AEB X bj ﬁ’ 48 L
- =CED. Q. E. D. a3 o -
3. Siuna #B diameter fit, alterimque CD e 3. gx.
«ecet inzqualiter, bifeca C?) per FG perpendi-
cularem ex centro.

etang. AE# - FEq.

7t 3

) f¥ay (FDg o1
}f‘&uﬁ{‘a 8EGq -+ GD)q g4 L
: FGq—+t GEq+Re&ang,CED. b §. 2.
kFEq—+ CED. " k47 1.
1 Ergd Re@tang. AEB = CED. L 3. ax.

4. Si neutra reCtarum AB, CD pct centrum

mnfcat, per interfetionis pun&um B duc dia-

_ metrum GH. Per modo demonfirata Redang,
AESB =GEH =CED. Q_E D.

Pxop. XXXVI.

Si extra circulum EBC fumatur puniium ali-
quod D, ab eoquz puntto in civculum cadant dua
redtalines DA, DB; quarum altera DA mcfldum

e,
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"EVCLIDIS Elementorum

Jecet, altera ver) DB tanget ; Duod fids tata fo~

cante DA, & exterius inter puntium D, & con~
vexam pevipherian affumpti DC Comprebenditur
refionulum, aquale evit ¢i , quod & sangente DB
deferibunr, quadrato. S

- 1. Caf. Sifecans AD tranfeat per centrum E,
junge BB; * faciet hat cum DB rectum angu-
um; quare DBq+ EBQ (ECq) *= EDq

¢=AD xDC4+ ECqdergd AD x DC =

Dpg. Q.E. D.

2. Caf. Sin AD per centrum ‘non tranfeat
duc EC,EB, ED; atq; EF perpend. AD, quare
3bifecta eft AC in Fl.) BBq b= DEq b

uoniam igitur BDQ + BBq b= DEq V=
Elfql-p FDqgc = EFq(}- ADC + FCQi=
ADC + CEq (EBq); ¢ erit BDq= ADC.
Q E‘ DO

Coidll. .
A "% Hinc, f 3 pun@o

... alfumpto, .plurimz Linex
‘re&te AB, AC circuluin
{ecantes~ducantur, re@an-
ula compreben(a fub totis
ineis AB, AC, & partibus
externis AE, AF inter fc
funt 2zqualia. Nam fi duca-
tur tangens AD; erit CAF
"= ADq*=BAE.

~

2. Conftat

‘quovis A extra circulum |

e e e— . P

e o~




Liber L.~
A

2. Conftat etiam duss
. ‘re&tas AB, AC ab eodem S
pun&o A duftas,quecir-
\ Q culum tae:&g;m, inter fc .
2quales efle.
Nam fi ducsrur AE fe-
cans circutum; eric A “ s
2 — — a . 3
.,._.F_AF > = ACq. b

3. Perfpicuum ‘quoque eft -ab eodem punéto
A exeracirculum affumpto, duci tantim pofle
" duas lineas, AB, AC quz circulum tangant.
Nam fi tertia AD tangere dicatur , erit AD
¢e=AB*=AC. 1 QFN. . T € 2oor
4B contrd conftar, fi duz reGz zquales 4 - 3
AB, AC cx punéto quopiam A in convexam _
eripheriam incidant , & earumuna AB circu-
um tangat, alteram quoq; circulum tangere,
- Nam 6 fieri poteft, non AC, fed altera AD ¢ 3 cm:
: circulum tangat. ergé AD ¢ = AC f== AB. f hp.
$Q. E. A, g 8 3
© Pror. XXXVIL

Si extra cisculum EBE
fumatur puntium D, ab
eoque in circulm cadant
dus reite linee DA, DB;
quarkm aliera DA circu~
lum fecet , altera DB in
cum incidat 5 fit autem
quod fub to:a fecante DA,
& exteriis inter punctum,

& coguvexam peripberiam
: affumpta DC ; comprehen-
diinr rectangulum , aquale 6 iiquod ab m;dg:ne




. N - -
74 EVUCLIDIS Elementorum
: " "DB deferibitur quadvate, incidens ipfs DB cir<
- culum tanget. )
217, 3. Ex D * ducatur tangens DF ; atqueex E cen-
€36 3. <=DFq, ¢ erit DB=DF. Séd EB. == EF,
d 1.0x. & & latus ED communeefts ¢ergo ang. BBD.
f,”'g 4,8‘ ' —=EFD. Sed EFD re@us eft, £ eigo EBD
f 12 4%  ctiam telus eff, § ergd Dy tmﬁit circulum,
g cor. 16, 3-_Q._E. D' ’ O : i

/ Corell. e
b8t - Hinc,%ang: ¥DB = EDF, -

LIE; |

=y



£ S
LIB. 1V. '
Definstiones.

o onra reQtilinea in figurd re&i<
H$ linea infcribi dicitur, cim fin-

2% guli cjus figurz, que inferibi-
\ tur,anguli fingula latera ejus

A in qua inferibicur, tangunt,
Sic triangulum DEF eff in-

. A [erniptum in triangulo ABC.
- g 1l Similiter & figuracir<
) ca figuram deferibi dicitur,

‘ € ciim fingula ejus,qua circum-
? B F ['cribitv:lrg, latera fingulos ejus
. figura angulos tetigerint, cir-

" ¢f quam illa deferibitur. . =
Itz tviangulum ABC et defcriptum civea

111, Figura re&ilinea in circulo infcribi di~

* ¢ieur, cim finguli ejus figure , qua infcribicr,
. anguli terigerint circuli peripheriam. )

', -1V, Figura verd redtilinea circa circnlum
* defesibi dicitur, clim fingula latera ejus, qua cir=
* eumf{cribitur, circuli peripheriam tangunt,
© V. Similiter & circulus in figura re@ilinea

inferibi dicitar, cdm circuli peripheria fingula

" lasera tangit ejus figurz, cui inferibitur.
V1 Circulus awem circa figuram defcribi
T Ha dicitar,
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dicitur, cim circuli peripheria fingules tangit -
¢jus figurz, quam circumfcribit, angulos. p

" VIIL Re&alineain cir-
culo accommodari,feu coa-
ptari dicitur, cim ejus ex-

" trema in circuli peripheria
fuerine ut refta linea AB,

~

Pror. 1. Probl, 1.

« In dato cireulo
ABC rveitam. li~ |
neaws AB accom-
modare aqualem
date refle lim:c‘
D,quacirculi di-
ameiro A Q xop
[t major. }
2 2 poft. Centro A, fpatio AE=D 2 defcribe circulum
& 3.1, dato circulo occurrentem in B. Erit dyQa
b 15 def L. ppr—wE c=D, Q,E.F. T

¢ confir.,
Prow..11. Probl. 2. !
. Inda- .
tocivcu-
lo ABC
- triangu-
lHABC
defevi-
bere da-
to tvi-
angulo

’ DEF wquianguliiem,

27 1. Reta GH circulum datum 2 tangatin A.. -
baj 1. bFacang. HAC=E; b & ang. GAB=F, & |
- junge EC. Dico factum. . Nam |
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Nam ansg. Bc<=HAC4=E; & ang. ¢ 12 3.
C==GAB‘=F; ¢ quare etiam ang. BAC=D, d conft~
ergd triang. BAC circulo infcriptum triangulo ¢ 3* -

_ DEF aquiangulum eft. Q. E. F.

Prop. IIL Prbl. 3. T

. Circa datumciveulum YABC triangulum LNM

- deftribere, dato trianguly DEF equiangulum. :

] Produc latus EF utrinque, 2 Fac ad centrum a 23. &
I ang. AIB=DEG. & ang. BIC=DFH.

. deinde in punis A, B, C circulum b tangant b 17. 3.

¢ -tres re&te LN, LM, MN. Dico faftum.

Nam qudd coibunt re@z LN, LM, MN,.

- atque it triangulum conlituent, patet; ©quia € 33. 4%

" anguli LAI, LBI 4re&i funt, adedque ductad 18. 3.
ABangulos faciet LAB,LBA duobus reétis mi- )
nores. Quoniam igitur ang. ATB . L e=3 & Seholins,

~ Re@S=DEG+DEF; & AIB$==DEG; heric £ 13 1.
ang. L=DEF.Simili argumentoang M=DFE. § ;'f"' "
kergd etiam ang. N=D. ergd triang. LNM i 33, 1.
circulo circumfcriptum dato EDF eft 2quian--.

, gulum. Q_E.F.

H3 Pro>.
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e conftr,
d 13, ax,
836, 1, »

Pair, Berig. -

TEmTTY TN

EUCLIDIS .Elméntor(tm

Pror. IV. Preil: 4.

In dato tyian-
owlo ABC cire

[eribere.
"~ Duos angu-
los B, & Cabi-
feca te&tis BD,
ED coeunti-
us in D, Ex
, F ,‘ C Dbduc perpen-
diculares DE, DF, DG. circuluscentro D per
E defcriprs tranfibit per G, & F, tangéique

tria latera trianguli. .

Nam ang, DRE*=DBF; & ang. DEB&=
DEB; & latus DB commune eft, ¢ ergd DE=

DF. Simili argumento DG=DF. circulus igi- -
tur centro D defcriptus tranficper B, F, Gy &

cum anguli ad E, F,G fint reti, tangit omnia
trianguli latera, QB.F.
Scholium.
Hinc, cagnitis laseribus trianguli , invenientir
corum fegmensa, qua Funt X concaitibns sivenli ine
Jeripti. Sic.

Sit AB 13, AC 18, BC 36. Bric A+

BC=28. ex quo fubduc 18=AC=AE~+FC,
remanet 10=BE—+BF. ergd BE, vel BF=y.
proinde FC, vel CG=p1. quare GA, vel
AE=7. S

Prop,

cumBEG i

1

-—

-
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Pror. V. Profl. g

Circa datum triangulum ABC civculun FABC
deferibere.

Latera quevis duo BA, AC *bifeca perpen-
dicalaribus DF¥, EF concurremvibusia F. Hoc 2 7%/
_erit centrum Circuli.

Nam ducantur re&2 FA,FB, FC. Quoniam -

- AD*=DB; & latus. DF communc eft; & ang. b confis.
FDA < =FDB, derit FB=FA. eodem modo ¢ ccnjt- ¢&
FC=FA. ergd circulus centro ¥ per dari tri- 32 -
anguli angules B, A, C tranfibit,. QE.F. % *

Corell.

¥ Hine, £ eriangolum fuerit acutangulum, * 31, 3.
centrum cades intra triangulum, fi retangulum,
in latus recto angulo oppefitum; i denique ob-
tufangalun, extra triangulum. : |

. Schal. :
Eidem methodo defcribetur circulus, qui
‘tranfeat per dega tria punéta, non in una reta
lines exiftentia, . .
. Hs - Pror,
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A g

b 26, 3.
c_‘_:g. 3.

c 3,
€ 35, defix.

217 3

ECOCCLAD1IY Liementorums

Prop., VI, Prebl. G.d ,
- i Indato circulo

A T EABCD qus-

o I\, drftmbn ABCD

~ inferibere.

E : 2 Duc diame-
tros AC, BD
fe mutud lecan-

. tes ad angulos
B c retos in centro

E. junge harum
terminos reftis AB, BC, CD, DA. Dico

faGum, . .

Nam quia 4, anguli ad E re&i funt; barcus,

& ¢fubtenfz AB, BC, CD, DA pares funt,

ergd ABCD =zquilaterum eft ; ejlisque omnes

anguli in femigirculis, adeéque ¢ reti funt, ¢er-
gd AECD eft quadratum, dato circulo infcri-

ptum, Q. E.F. , -
Pror, VI Prbl 7.
A Circa datum civ-
F G cdum EABCD
. quadratum FHIG
E deftiibere.

Duc diametros
AC, BD fe md‘
tud fecantes per-

/s endicularicer. per
H X iarﬁ extrema "f:c
: Q - tangentes coneurs

B

' rentes in ¥, H, 1, G. ' Dico faftum. Nam ob

b 18 3.
c 28. 1.

d 34. 1.
‘e 15, def. 1.
£ 29. defi 1,

angulos ad A, & C b reflos, ©erit FG parall,
HI. eodem modo FH parall, GI. ergo FHIG
eft parallelogrammum; & quidem retangulum,
fed & =zquilaterum , quia FGI=HI4=BDe¢=

CAI=FHI=GI. quare FHIG eft f quadra- -

tum, dato circulo circumferiprum, Q.E.F.
. SCHOL,

e e e ———
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SCHOL. - -
T uadratum ABCD cir-
A EB cul%circum criptum  du-
plun- cft quadrati. EFGH
H P circulo infcripei.
Y o / Nam reftang. -HB =3
€ G. D HEF. & HD =2 HGE.
per 4101, .
 Pror. VIIL Probl.8..
A M W dato qua-
- D dmtoABCch"‘ir-
¥ . swum IEFGH'
L. infevibeve; -

E I G Latera quadra--

‘ " ti bifvca in pune: -
. &is,H,I_;Z, F,G.. .~
: junge HF, EG.
B =t fe(esﬁcantes inl.
F “ cireudus centso 1.
per H defcriptus quadrato inferibetur.

Nam quia AH, BF *pares ac b panallele , .. .
fant, < erit AB parall. HF lpan'all. DC.eodem b ‘34. 1.
modo AD parall. . EG parall. BC. ergd 1A, ¢ 33. 1
1D, IB, IC funt paraliclogramma.. Ecgo -
AH—AE—HI=FI=IF=IG: Circulus izi-d 7: ax..
tur centro I per H defcriptus transibit per e-34. 1.
H, B, F, G, tangétque quadrati latera, ciim an~ -

&lu a.d H, B, P; Gﬁnt rc&i. . QE. F.
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A

lam. Ts dero quadrato circumfer

PBOP. l x-' ‘Prwl' 9-

-Circa. dae
som . quadya~
itum ABCD
circulmE A=
BCD deferi-
bere.

Duc dia-

metros AC,

BD" fecantes

in B, ‘centro .

Rper Ade-
feribe circu<
iptus eft.

Nam anguli ABD, & BAC * femire&i funr;
bergd BA = EB. eodem modo EA=ED =
EC. Circulus igitur centro E defcriptus per
A,B,C, D dati quadrati angulos tranfit.Q.B.F.

Pror. X. Prbi.

10 .
Ifofeedes

tﬁmgn-

Inm ABD

conflitueve,
quod babes

quathvis

teftam AB,quam *fica in C, itd ut ABx EC—=

@Cq: Centro A per B delribe

in

circulum ABD
Sulum /

T i v e

I

B
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- i hpe b .satemmoda BD 2= AC, & jurge AD. ), o, 4,
srittriang, ABD quod queritur, AR
Vh;’Nam D(k & per CDA’:\ C‘:cgcxiibcckwls €54

m Quéiniam AB x BC =z AGq. dliquec 8D d-37 3.

" ‘tangere circulum ACD, quem fecs: C‘}). epr- £ 32-3.
g® ang. BDC xA. ergd ang, BDC+CDAf= 5,77
A 4~ CDA=BCD. kd BDC & CDA=h ;. ,.
BDA & =—CBD, *ergd ang. BCD == C3D. k 1. ax,

_ ergd DC!'= DB == &C, 2 quare ahg. CDA=1 ¢ L

A=BDC . ergd ADB = 2 A = ABD. [ /1™
QEI F' : e h‘

Coroll,

" Chm omnes anguli A, B, Do conficiant ’; 0732 1.
2 Re, (3 Re. ) liquer Acfle § 2 Regt,

Prop. XL 'i’rabl. 1.

In daty cireulo ABCDE pentagonum aquilate~
™wn & .¢ﬁ4ngulun ABCDE inferibere. '

" *Deferibe triangulum Ifofceles EGH, habens 4 o .
wrumque angulorum ad. bafim duplum anguii.
ad yerticem. -® Huic zquiangilum CADnl -
be civculo. Angulos ad bafim ACD, & ADC
¢ bifeca re@is DB, CE occurrentibus circum/ic-
reseizin B, & E. conneilere®as CB,BA, AL,

- EDy Dicohaltum,. :

- Nam r

bia

o9t
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| 36.3.
29,34

19, 3
2 2 4%,

Pest,. Herig,

angulifzquatur} 2 Redh. vel § Red..

S

L UG Ld B4 O LUIFROTRIG
Nam ex conftr.liquet quinque angulos CAD,

CDB, BDA, DCE, ECA pares efle;: quare <

arcus® & f{ubtenfze DC, CB, BA, AR, Df »-
quantur, Pentagonum . igitur zquilaterum eft.
Eft verd etiam zquiangulum, fquia ejus angali
BAE, AED &c. infiftung arcubus 8: 2quali
BCDE, ABCD, &c. o

Hujus' problematis praxis facilior tradewur 2d
30,13, - : :

" Corelh. o
Hinc, angulus pentagoni zquilateri & aqui~

. Schol. o
Vniverfiliter figurae imparium latevim infevibun=
tur civculo beneficio tvianguiorums Hoftelium, quo-
ykm anguli-aquales ad bafim multiplices funt eorum,,
qui ad verticem funt anguloruns parium verd latea
vum figure in civeulo infcribuntur ope Xofoclium 2rim
an;ulorum, quorum anguli adbafim multiplices fef-
quialteri funk. cornm, qui ad yeriicem funt, angule-
Wine. ) \ \’ c g

¢ ;. Wrintrianguld Iofee-.
' le CAB, fiang A =3

C =B ; ABerit laws
Heptagoni. Si-A = 4 C3;

- erit AB. latus Banesgo-

. ni, &, -Sin verd A ==.
13C, eric AB latus qua-
L - Tdrati, Bt i A== 25 €
fibtendet B fextam partem circumferentiz;ipae
r‘i;érqge,ﬁ A=3; C; crir AB laws_o&agoni,

. DROP:.

i

«
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Pr oP.‘ XI1. Probl.xs
G .

B i

" @ivca datum’ circulum EABCDE peatagouum:

equilaterum & equishgw'nm HIKLG de{tn'bere.
3 Inferibe pentagonum ABCDE 2qujlaterum 4 4, 4,

& xquiangulumg duc &centro re@as FA, FB,

FC, FD, Fp; iftque toridem perpendiculares

GAH, H2I, ICK, KDL. LEG concurrentes

in pan@isH, 1, K, L, G. Dico fa%um. Nam

quia GA, GE ex uno pun&» G brangunt circu- b err.16,

lum, © erit GA'= GE. 4 ergd ang. GFA = ¢ 1.0ir.36

GFB. ergd ang: AFE = 2 GFA, codemmo-d 8. 1.,

do ang, AFH = HFp; & proindeang. AFB=

2 AFH: Sedang, AFE ¢ AFK. fergd ang: ¢ 27.3-

GFA= AFH. fed & ang. FAH ¢ = FAG; £ 7.8%

& latus FA eft commune , b-ergo HA= AG=1, ¢ v,

GE = EL, &c. * ergd HG, GL, LK K}, k 2. ax,

TH latera pentagoni zquantur: fed & anguli

“etiam, utpote 'zqualium- AGF, AHF, &c.du- I 32 1«

plis ergd; &e. -
* Hodempallo, Siin circulo quzcungue figura'
aquila.era & zquiangula delcribacur, & ad ex~
tema. eqididmetcorum . ex ceatro.ad al‘liilgos .
T L dudia-
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dufarum, excitentur line-perpendiculares, hae
perpendiculares conftituent dliam figuram toti-
dem Jaterum & angolorum 2quslium circulo

. Circumfcriptam,
Pror. XIIY. Prebls 13. .
A . " Indato penta~
gono aqquilatero
7 AN - - & aquiangule
) ABCDE scircpm
b ) /& \N\E % FGHK in
‘ 4 Seribere. :
> N K Duos penta-
L ' goni angulos A
M . H \ &B? bifecaref
’ - &is AF, BF cG=
C B ] D currentibusin ¥,.

Bx F duc endicolages. FG, FH, FI, FK,
FL. Circulus centro F per G defcriptus tangec

emnia pentagoni latera. A
byp " DucEC, FD, FE. Qt&omam BA'=32(C;
confire - & latus BF commune eft; & ang. FBA <=

1o . FBC, derit AF = FC; &ang. FAB= FCB.
s . Sedang. FAB ¢ =1 BAE:¢ =} BCD. esgp
-ang. FCB = BCD. eodem modoanguli towa-
.+ 1sC, D, Bomnes bile&i funt. Quum jgitur
1, e, ang. FGBf =FHB; & ang. FBH=FBG, &
36,1,  Jatws FB fit commune , ¥erit FG = FH. fimili-
, wromnes EH, Fl, FK, FL, EG 2quantur, er-
g circulus centro F per G delcriptus tranfit
m, 16, 3 il’,l, K, X; b sangitque pentagoni laters, cum. -
anguli ad ea pun&a lint re&ti.. Q. E. Fu.

Coroll.. ‘
Hine, f duo anguli proxiti figune afuiiate.

2, uiangulz bifecentur & A pundto,in 0o:
coc.x&;n:am ang\dns.bif@ames,,dumm’r r.cz‘t&-

—




D 21 Y £ C
" Tinez ad reliquos fipur2 angulos, omaes anguli’
figurz crun:?:ifcﬁi% B neeh gl

, "Schel. . -
Eiddem methodo in qualibet figura aquilatera
& zquiangula circulus defcribetur, o
~ Prop, XIV. Prob. 14, .

A S

Circa datum Pentagonum aquilaterum , €& 4
iaaguium ABCDB circulum FABCD defivie
€ o ’
. Duos pentagoni angulos bifeca re&tis AF, BF
toncurrentibus in F. €irculus centro E per A
defcriptus pentagono circnmferibitur. s
Ducantur enim FC, ¥D, FB, *Bife&i itiqs
funt anguli C, D, E. ergé FA, FB, FC,FD
¥B zquantor, ergd circufus centro F defcriptus,
per A, B, C, D, E, pentagonl angulos trans-
ibit, Q. E. F. '

a eor. 13,4
b & 1

Stbol, -
Eidem arte circa quamlibet figuram 2quila-
wram, & zquiangulam circulus deferibetur,.

.. : Xa Bao®my
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Pror. X V. Probl. 15, ]
A , . In dato cireulo G~
ABCPEF  hexago
nwm & equilateruan,
& aquiangulum AB-
CDEEF infiribere.

... Duc diametrum:

- AD'; “cemro D per

citcnlum , qui-datum
fecerin €, & B, duc
r diametros CF, EB,
" junge AB, BE,CD,

faGum, -

3 Nam ang, CGD *=x} 2 Re& * = DGE}'=.

£ centrum G defleribe:

e e s e s i

33.1. AGF'=AGB.ccrgd BGC={2Reft. =FGt.

or3- 1o d ergdarcuse & fubten(2 AB, BC, CD, DB,
, :9.. 33 EF ®quantur. Hexagonum igitur xquilaterum
3g.3.  eft: fed & 2qujangulum, fquia finguli ejus an-

gultarcubus infittunt ®quaiibus, Q. K. F..
o . Corell, . A , .
1. Hinc latus Heéxagoni circulo infcripti femis
diametro 2zquale - ¢ft. .

2. Hinc facilé triangulum zqgiiatc}umACE., ;

in circulo defccibetur. |

¢ oL Sdbol ‘Probl.. ,
Andi, Taeq.  Hixagonumordinatumfuper dasé vecti CD ifd
K K conftrues, ¥ Factriangulun CGD.zquilaterum

fuper dara- CD. centro G pes” C, &.D deferi-

be ciccujum, Is capict Hexagonum fuper data.

3
(0
— '

Prori.

LI
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_Pxor. XVI. Prabl. 16,
A ' -

Indato civculo AEBC quindecagonum aqulas -
terum & aquiangulum ingrzbure. ’ s
Dato circulo  inferibe pentagonum zquila=y 1y, 4,
terum AEFGH; ®itémque triangulum 2qui~y, 3
laterd ARC.erit BF latus quindecagoni quafii,
Nam arcus AB ¢eft }, vel 3, peripheriz cuc ¢ conflr.
jus AF eft § vel § ,ergo reliquus Bi == ¥ pe.
riph. ergd quindecagonum cujus latus BF, =+
quilateram eft; fed & zquiangulum, 4¢cdm fin-d 27. 3.
guli ejus - anguli arcubus inhftant 2qualibus,
quorusn unusquifque eft 44 totius circumferen-
tiz, ergd, &c. . . .
‘ Schol. -

.Cirenlus di C4,8,16 &c. per 6, 4,&9, 1.
viditur Geo- )3,6, 13, &c, per 14,4, & 9, 1,
metricé in §,10, 30,&c. prr'is, 4, & 9,1,
partes ' 15,30,60,&c.per 16,4 & 9, 1.

Czteriim divifio circumferentiz in partes datag
etiamnum defideratur; quare pro figurarum qua-
rumeung; ordinatarum conftru@ionibus {zpe ad
mechanica artificia recurrendum eft, proptec
quz Geometre pra&icitonfulendi funt,

13 LIB.
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LI Bn 'v- o
Definitiones.
1. DT Ars eft magnitudo magnitudi-

/74 nis, minor majoris , cim mi-
#LA nor metitur majorem, '
& 1Y Muliplex awtem oft
major minoris, cim minor
metitur majorem. :
" Y11, Ratioeft dyarum magnicudinum ejol-
dem gerferis mutua quazdam fecundim quanti-
tatem habitudo. ‘

Inomii vatione e& quantitas, qua &d aliam re-
Jertur, dicitur antecedens rationis3 ea vers, gd quam
alia vfeiiur, confrquens ratiogss dics folet. ut in

* Yaliome 6 ad 43 amece;';m eft 6, & confequens 4.
ota,

~ Cujusque rationis quaptitas innateftit dividendo

Kuteceacntem per confequentem. wt tatip 13 ad §

effcstur per 1 item quamstas vationis A ad B eff

%. Quare men ravd brevilatis camsd o quantisates

rationum [is defignamus, % oy vel =, vel i g-,.

boc eft ratio A ad B 'myjer eff rasione C «d D,
vel & eqnais, vel minor. Ruod prebe awimad-
wertat, quifquis bac legere valet, - .
Rationss, [fue proportéonis {pecies jc divifiones vi-
de apud imtcrpretes, o >
~ 1V, Proportio verd eft rationum fimilitude.
Retliss que hic vertitur proportio, proportisme-
Gsas, frue 43:::;54 dicitur 5 .f;, pro;ertic idem de-
notar qwed vatie, us plevisqus placet..
V. Rationem habere inter fe magnicudines
dicuntur ; quz poffunt multiplicatz’ fe murud
fuperare, :

Vi In




wote v S Libey P,

®,13.]A, 4.B. 6.]G.24. VI In ez~
¥, 30.| C,10. D,15.1 H,60, d€ ratione ma-
: gnitudines di-

cuntur effe, prima A ad fecundum B; & tertia
C ad quartum Dj; cim prime A, & tertiz C
aquemukiplicia E, & F 3 {ecundz B, & quar-
tz D zquemultiplicibus G, & H, qualilcung;
fic hzc multiplicatio, utrumque E, F ab utrog;
G, H v¢l und deficiunt, vel und zqualia funt,
vel und excedunt, fi ea (umantur E, G; & B,
quz inter {e refpondent. ' L
Hufus noia cfg :.ut A.B 2 C. D, boc off
A 2dB,& C ad D incadem funt vatione. ali«

quando fic foribim § =g id e, AB: C.D.
VIL Eandem aurem habentes rationem (A.B::

C.D " proportionales vocentur.

R,30.[A, 6. B, 4.1 G,:8. viII. Cum
F, 60.|C,12. D, 9. H,6.3. verd zquemuls
: . tiplicid, E mul=
tiplex primz magnitudinis A exceflerit G mul-
tiplicem fecundz B; at F muktiplex tertiz C
non cxceflerit H multiplicem quartz D5 mune
grima A ad fecundam B majorem rationem
abere dicetur; quim tertia C ad quartam D,

S$i % rg 2 eceffurium non eft ex bac definitio-
ne, ut B femper excedat G 3 quum F minar off
qu’im H; fed canceditur boc fieri paffe.

I X. Proportio autem in tribus serminis pau-

ciflimis confiftic, Quorwm [ecunda off inflar
oram.

duornm.
X. Cim sutemtres magnitudines A, B,C
oportionales fuerint prima A ad tertiam C
icatam rationem habere dicetur ejus, quam
habet ad fecundam B: at quum quatuor magni-
tudines A,B,C,D, proportionales fuerint,prima
Aad qurtam D trigﬁcaum‘ rationem :}abere
: cetur
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" tio extiterit,

T EVCLIDIS Elementorum

dicetur ejus, quam babet ad jecandam B3 &
femper deinceps uno amplius, quamdiu propér-
. . s A_A .
Duplicaa ratio exprimitur fic =g bis. Ho
eft, ratto A ad C duplicataeft vationis A ad B.
triplicata autem fic %:% ter, id eft,ratio A ad
D triplicataeft ration's A ad B. ‘
#= denotat continué proportionales.ut A,B8,C,D;
item 2,6,18,64 fim = )
X I. Homologz feu fimiles ratione magni-
wdines dicuntur, anteczdentes quidem anteces
dentibus, confequentes verd confequentibus.
Ut §A.B:: C.D;tam A,& C; quimB &

. D homologe magnitudines dicuntur,

X 11. Alterna ratio, eft (umptio antecedentis
ad antecedgntem , & confequentis ad confe-
quentem, _ " ‘

%t fir A.B::C.D. ergo alievné, vel permu~
tapdo, vel vicifim A. C:: B.D. per16.5.

In hac definitione, & §. fequentibus imponuntur.
nomina [ex modis argumentandiy quibus mathemas.
tici frequenter utuntir; quaruwm. iilationkm vis in=

sititur propofitionibus bujus libriy qua in explica-

tionibus citantur. ;

" XIIL Inverfaratio, eft umptio confequene
tis ceu antecedentis, ad- antecedentem velut ad
confequentem, » R

vt A.E:: C.D.ergd umiversé, B.A 22 D.C.
per cor. 4, 5,

X1V. Compofitio rationis, eft fumptio an-
tecedentis cum confequente, ceu unjus, ad ipfam .
confequentem..

#t A.B :xC. D, ergo componendo,A+B.B 12
CoD.D. per 18. 3. * g ponendls .

X V. Divifio rationis, eft fumptio excelsfis,
quo confequentem {uperat antecedens, ad ipflam

confequentem, w:




& aee -

- Lsber V.

vt A.B:: C. D. ergp dividendo, A-B. B 32 -

C-D. D, per17.5.. .
- X V1. Convertio rationis, eft {umprio ante-
cedentis ad exceflum , quo fuperat antecedens
ipam confeq entem,
#: A B C.D. eigd per comverfum rationem,
A.A-B:: C.C-D. yevcori19. §.
X V1L Ex zqualitate ratio eft, fi plures
duabus fint magnitudines, & hisaliz muliitu-
dine pares, quz bin® {umantur, & in eadem

“ratione;cim ut in primis magnitudinibus pri-

ma ad ultimam, fic & in fecundis magnitudinie
bus prima ad ultimam fefe habuerit. Vel aliters

" fumptio extremorum , per fubdutionem me-

diofm: . N

X V I11. Ordinata proportio eft, ctim fue-
rit quemadmodum antecedens ad c~nféquentem,
itd antecedens ad confequentems fuerit etiam ut
cdnfequens ad alind quidpiam , - itd confequens

_ad aliud quidpiam, ,

vtfi-A.B::D.E.item B.C::E.F. eritex
wquo A.C :: D.F, per22.5.
"X 1X. Perwurbata autem proportio eft 5 cim
tribus pofitis magnitudinibas, & aliis, qua fint
his mu'titudine pares, ut in primis quidem
magnitu linibus f¢ habet antecedens ad confe-
quentem, itd in fecundis magnitudinibus ante-

* cedens ad confequentem : ut aytem in primis

magnitudinibus confequens ad aliud quidpiam,
fic in fecundis magnitudinibus aliud quidpiam
ad antecedentem,

wtfiA.B:: F.G.item B.C::E.F.evitex
aquo perturbaté A.C : E.G. per 23. 5.

X X, Quotliber magnitudinibus ordine po-

* fitis; proportio prime ad ultimam componitur

ex proportionibus primz ad fecundam, & fe-
cunde ad tertiam ,& tertiz ad quartam, & itd
deinceps, donec extiterit proportio, ’

) - Sint

93
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3, 4%

ECOCLIDLY Elementorim

Sint quotczénque A,B,C,Dj ex hac def, -
B

A_A B C.
P=B*CD-

Axioma. .

Rquemultiplices eidem muliplici funt quogf
iner fe zquemultiplices,

Pror. 1.

A' Gl H, Q B
C 1I-K D g
Y joe—y  Jee—_

Si fint quotcunque magnitudines AB, CD
quotcungue magnitudinem E,F aqualium wumers,
fingule fingularum, equemultiplices 5 quam mslti-
Pex oft unius E- una magnitudo AB, taws wdti-
plices evunt & ommes AB+CD omuium EF.

Sint AG, GH, HB partes quantitatis AB

pfi E zquales.item CI,IK, KD partes quan-

titatis’ CD ipfi F pares. Hacum numerus il-

-larum numero zqualis ponitur. Quum igitur

AGA+Cl=t 4F;3 & GHIK=E+F;3 &
HB+KD=F+F, liqu ¢t AB_CD &qué mule
toties continere B4 F, acuna AB unam E cons
.in'tc QE. Dc ) !

Prop,

g

-




Liber V.
" Prop, I1. _
Si prima AB fecunda C aqué
 Juerit wuliiplcx, atque teviia DB
- -guarta B [t autem & quinta
BG fecunda C aqué multiplex,
atque fexta EH quanta F, erit
& connfita prima cum quinta
(AG) fecunde: C aqué multi-
. Plex, atque tevtia oum fexia (Du)
quarte F. :
Numerus partium in Aripf
l € zqualium zqualis ponitur
F fumero partium in DE ipi F
. zqualium. Ttem numerus par-
- tium in BG gonitur 2qualis numero partium
in EH. erg
‘| ®quatur numero partium in DE+EH. hoceft
‘i tota AG zquemultiplex eft ipfius C, atqueto~
‘t n GHipGus F. QE.D. -
| Pror. IIT.
R { . Sit prima ‘A fesunde B
' wqueriultiplex, atque tertia C
¥ . quarte D fumantur autem
g M EI FM equamdiiplices pri-
' : me & seitia; erit & ex
LI ; " quo, [umptarym utraque Kt~
wsgie equcmiltiplex > altera
LY guidom ET feunde By altera
| , astem FM quute D.
' ' Sint EG, GH, HI par-
4G, tes multiplicis EI ipli A
4 _ pares; jtem ¥FK, KL,LM
partes muleiplicis FM ipfs

e

fus illarum nomero ®qua<
L - tr, porrd A, id et EG,vel
B FCD . GH,vel GI ipfius B poni-
tur 2quemultiplex atque C, vel FK&e, ipﬁbus Dé
. R - ’ ? erg

95

numerus partium in AB—+-BG 2 2. 4x.

l 1 l I € zquales. *Harum nume- a byp
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bas  bergd EG —+ GH mquemultiplex cft fecund2
€ 25. B,atque FK + KL quartz D. ¢ Simili argu-

meato EI ( EH — HI) tam multiplex eft

ipfius B, quam FM (FL « LN) .igﬁus D.

Q. E. D,

4

M

"Pror. 1I1IL

Si prima A ad fefundam B
eandem habucvit -vationem , &
tertia C ad quartam ‘D 3 etiam
E & ¥ equemutiplices prime

" A, & triia’C, 2d|G, & H

equensltplices fecunde B, &
quarta D, juxta quaprvis mul-
tiplicationem, eandem habebunt
vationem, [1 prowt imter fe ve-
fpondent , ita [umpta fuerints
(E.G:: F.H.)

Sume I, & K ipfarum B, &
F; item L' & M iplarum G,&.
H zquemuliplices. 2 Eritl
ipfius A xquemultiplex atque
K ipfius C 3 2 paritérque L
tam multiplex ipfius B quam
M ipfius D. Itaque cim {it A.
Bb:: C.Dj;juxta 6def.
I, =, L confequenter
pari modo K =, ==, =1 M,
ergd cim' I, & K iplarum E,
& F fumptz fint Zquemulti=

plices,atque L, & Mipfarum G & H; erit juxta

7 dcf. E.G:: FH. QE.D.

i

Coiol.

. Hinc demonflyasi folet invé/jh ratio,
Nam quoniam A.B:: C. D, E =, =,

0. 6defiy. G etithmiliter ¥ o, =, =2 Ha ergd liquesy

quod

T P e ——— e = T

li:‘

1




. Liber . - o7
1 7 quad GG:*,.:,:—;:, ZI’: Hey=,= T, 7
f.el'gé B.A::Dl Co QE. D. d‘- dff’- 5.

Pror. V.-

T —— r : —-: Si '[ud. .
i o D nis C) aqu
[uerie multiplex, mq; ablata AR ablat# CF; etiam
reliqua EB relique FD itd multiplex evity wt tota
‘AB totius CD.
Accipe aliam quandam GA, que reliquz FD
itd fit multiplex, atquetota AB totius CD, vel
ablara AE ablate CF. 2ergd tota GA —+ AR L5
totius CF;—+ F zquemultiplexeft,acuna A" -
unius CF. hoc eft,acAB ipfius CD.> ergé GE==) & &
AB. ¢proinde, ablard communi AB, manet GA¢ 3- 4%
=EB. ergd, &c. e
N Pror. VI,
' DY  Si dua magritudines AB- CD
‘B - duarum magnitudinem B, ¥ fint -
- ) quemulviplices; & detraita quadam
) fint,AG & CH,earundem E, & F \
G Ht wquemultiplices , & reliqua GB,
HD eifdem B, F ant aquales fimt,
aut aqué ipfarum multiplices. -
I I | Nam quia numerus partium in

r/'

AB ipfi E zqualium ponitur -

qualis numero partium in C D ipf

F zqualium. Ttem numerus par-

. tium in AG 2qualis numero par-

A E F C tium in CH. Si hinc AG, indé

CH detrahatur, * 1emanet numerus partium in a 3. 4,
reliqua’ GB zqualis numero partium in HD,

ergo 1 GB fit E femel, erit HO etiam C femel, ®

- 8i GB fit E aliqaoties,erit HD etiam C aliquo-

., ties accepta, Q. E. D.

" Prop.
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- .7 Propr, ¥IL - T

B N ot ndem b

Deus vationens; & eadem C ad aquales A & B,
Sumantur D, & E 2qualium A, & B 2que-

multi%icts; & F utcunque mukipiex iplus-C,

2 6qr) Perit =B quare i D ooy = F,erit fimf;
> 6. def.s. By =, aF.begd A. C:: B.C.invell
car 47, " GgitwrC.Af:: C.B. QE.P. |
- Schel. I
8i loco multiplicis F fumantur du2 xque- |
milciplices,eodem modo ofténdetur xquales ma- |
gnitudinesad alias inter fe zquales éandem habe-_¢
re rationem. - }'
Pror. VIIL ]
Inatpudlium maymitudinum AB, C,.
- " mafor AB ad eawdem D majorem yatio- -
E nem babet, quim minor C. €t eadem D
[ ad minorem C majorems vationem habet, ’,
guimsad majorem AB. o
Ex majori AB aufer AE &= C. fu- |
4 matur HG tam multiplex ipGius AE, |,
CD vel C, quim GF relique EB. M{‘,\l- ,.
HIY tiplicetur D; donec ejus multiplex 1K |-
major evadat quim HG, fed mirior |;
quam HE, =~
o, ¥ &  Quoniam HG ipfius AE*tam mul-
L g "‘ | tiplex eft, qudm GF ipfius EB, " erit
taie HF totius AB equemulriples,
arque una HG unijus AE, vel C. ergd
, ‘G" cim HF = 1K (quz multiplex eft
- 8.defeg, T .iApr;iuSI(?:) fed HG = IK, ¢ erit
T 4 by XED
e K ’ Rurfus 1




Liber V. - %
:;u:hftétsqnsa‘l‘l{ c!') HG,atIK = HE (ut o
Pﬂ um erit pudl e

;; _ TR E BQ!D

' " Proe. IX,

u ad eandem vandem babext yationerms,
e: Juntinter fo. Et ad quas eadem ean-

I ‘ dmlnbmm;u, exlpomque flintinser fe
hB

SxtA C"B C. dicocA=B
A:- vl — B lemxdc&;sg.

2,:-, vel-: c contraHyp v
< 3, Hp, St C. B' C.A. 'dico A == B. nam

A .
ﬁtAr.-B. crgégr_c Hype bs 5.
L ]
. Pror. X.

~," } Ad wxdm magwitudinems vatignem ba-
bentium, que swajorem rationem babet, illa

or efi: ad quam verp eadem m]mm he
1’ %mbdm qsl';a mmvr f.

A
. ABC lc H]P “Er" DICOAE‘B Nal!l .
£ dicawr A=B,%aitA.C:: B, C.contraa 7. %
. . A B .
- Hyp SinA—;\B,,'_'erit 2% etiam contra b 8. 5.
e comra b 85
,; 2. Hyp. Sug:-—ADuoB-:A Nam dic
‘B=A. ¢ergd C. B :: C. A. contraHyp, vel €7 5
dicB - A. dergo a r%eﬁm centsa Hyp, d s.‘s.'t

Ka Pror.
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EVCLID1S Llemensorum.

’ Pn.dr.",WXI.'
G yoo H . —]-
A T C . B
® D— F
X L M

Due cidem funt eadem rationss, & inter [e funt
eadem., N

. . it A.B::E.F. itemn C.D 1 E.F. dido

a bup.
b 6. 4efore

c € lef, 84

a Bage

A.B: C.D, fume ipfarum A, C, E zque-
-multiplices , G, H, Ty atque ipfarum B, D, E
aquemuldplices K, L, M. Et quoniam
1AB:EF fi.Gey=,, K. b erit pari mo-
do 1~y=y'M, paritérque quia * E.F :: C.D.
8i T, =,=aM; »eric H fimiliter o=, L
ergo fi G c=y,=, =2 K, erit fimiliter H =, =,
=3, L. square AB: CD, QE.D. -

, Schol. o :
Quy cifdem rationibus funt ezdem rationes, |
funt quoque jnter feezdem. - - :

R

i Pror. XIL

G ~H e J o = e
A— C © R E
B Do—ee o f——
K L M

Si fint magritudines quotcungue A, & B;C &
D; E, & F pigportionales; quemadmedum fe ba=
buerit una antecedentium A ad wnam confequen-
tium B, iti fe babcbunt ommes antecedentes, A,C,B

- ad omnes confequentes.” B,D,F. - .

Sume antecedentium zquemultiplices G,H,I; -
& confequentium K, L, M. Quoniam quim
.multiplex ¢ft una G uvnius A, ? tam multipli-
ces funtomnes G, H, I omnium A, C, E; pa-
ritérque quim moltiplex eft una K unius B, .

-3cam multiplices {unt omnes K,L,M omni-
un B, D, F; SiG ;= K, erit fimiliter
Gage




GoHaYe =, K+ L M bquareb 6.de«
AB:: A4-C+E.B-4+D+F. QE.D. :

‘ - (Coroll. - - .

" Hine, fi fimilia proportionalia fimilibug pro-
portionalibus addantur , tota erunt proportio~

Pror. XIII. B

- H I
C ; . E

v D~ - | —
L - M ~

g )

Y] pﬁim A 2d [ecundam B eandem habucrit
" yationem, quim tertia C ad quartam D; tertiave-
10 C ad quartim D majorem babuerit vatiosens;
\ quim quinta B ad fextam F; primaquoque A ad
- fecundam B majovem rationem habebit, quim quine
ta B ad fextam F. :

Sume iplatum” A, C, E =quemultiplices
G, H,1: iplarimque B, D, F zquemulrtiplices
K,L,M. Quia AB::C.D; SiHcL,*erit a 6. 4 5.
GK. Sed qula g:—%,' b figri poteft ut firy 3. 4f. 5
HeL, &1 nonc=M. ergd fieri poteft ut
GrK, & Inon M. ¢ergd S - QBD. € 8.4
- SCHOL. A

o Quod G %-—,é-', erit quoq;-% —:E-'. ~Ite.mﬁ
% c‘%. erit%—rg. &6 %.":15‘ ':!% erit
B

e Pl

K3 ' Prop.
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a 8.5,
b byp.

C 13.5. -

l 10. %,

7. 8.
E byp.

§ 45.G 95,

2 Fyp.
b 7. 5.
C i3 5.

EVCLIDIS Elemenornm.

Pror? XIV.

Si prima A ad fecundam B eandem
babuerit vationem , quim tertia C ad
guartans Ds prina vers A, quim tevtia
C major fuevit, erit & feciuda B maj
quam quarta D. Qusd fi prima A fu~

\ aqualss quarte Dj (iverd A minor,dr B
minw erit, o
) Si::'A e=C. éctg(‘) Acg, b

ABCD 5 =5, “ergd -ﬁr:, dergo BeD.

Simili argumento fi AC, 4 erit BD. Sin:

ponatur '

$ergo B=D. Quz E.D.
' SCHOL.

A fortiord, § %—;g atque Ac~C, tri{
BeD. IemGA=Berit C=D. Bt fi A,
wel =2 B, eri¢ pariter C o, vel -2 D

Pror. XV.

.. Pertes € & E cup pariter multiplie

'PB 1R citus AB, & DE in eadem funt rasi-

one s fi prows-fibi mutud vefpondent, isa
Jumagtur. ( AB. DE :: C.F. ).

H° Sint AG,"GB partes multiplicis

3

artes multiplicis DB iph ¥ zqua-
¢s. 3 Harum numerus illarum nume-
ro zquatur, ergd quum ® AG. C::

AG-GB ( AB ). DH+HE (DE ) :: C.F.

. E. D.

/PROP.

erit equalis testie C, crit & fecunda B

=C; ergo C.B¢;: ABf::C,D, - -

AB ipfi C zquales: item DH, HE -

-AC DF DH. F; batq; GB. C :: HE.F. cerit
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Px'opf XVI
'B}-———-—- —},____
F’ L

Si quatuor magaitudines A, B, C, D proorii-
spales fuerint s & wicifim proportianades eiunt.
(A.C::B.D.) ‘ ;
Accipe E, & F 2quemultiplices ipfarum A,
& B.iplaramque C, & D. zquemultiplices G,
& H, TraqueE.F* : A B.*:: CD*:GH.} 5 5

T h b

Quare i B -, =,7a G, &rit bmiliter Fe=, ¢ 1) 5. 5
—a H. dergd A,C:: B D. QE.D, 14.5.
SCHOL. 6. dif. 5.

" Alterna ratio locum tantim habet, quando
- quantitates ejufdem [unt generis. Narmn Hetero~
genez quantitates nOn COMparantur,

Prop.,, XVIL

N Si compofita magnitudines pro~
‘poitioaales fuecint ( AB. CB::

D&, FE ) ba quogue divife pio-
portiondles evunt. ( AC. CB :5
DF.FE.) . . .

" Accipe GH, HL, IK, KM
my ordine zquemnltiplices iplarum

AC, CB, DF, FB, item LN,
- MO xqaemultiplices iplarum
v . CB, FE. Tota GL totiys AB,
L - | *tam multiplex eft, quim unaa 1. 5
4, GH unius AC, " id eft quim b consi -,
g X | IK ipbus DF; hocefquimc 1. 5.

i tota IM. totius DE: tem HN
g7 | (HLALN)ipius CB<2que-d = 5.
- multiples eft,ac KO ( KM_.

) MO} ipfins FE. Quum igitue
D I per hyp. AR, BC :: DE.EF.
SiGL o, =, =1 HN, etiamfi-
K 4

militer

&

T

-

C

G A
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« def. 5. militer ¢ erit IM =, =, KO, aufer hinc in-
de mquales HL, KM, firelijua GH o=
- #&x. LN, ferit fimiliter IK o=, =, 1 MO, s un-
P def. 5 de AC.CB::DF.FE. Q.ED. i
v Prop. XVIII.f ) .
" . Si divife magnitudines ffut proportioe
nales ( AB. Bég:: DE. EF ), bequogy
= compojite. proportionales erunt ( A C.
g||g CB:DEFE). - N
— " Namfi fieri poteft, fit AB.CB ::

c

7. ;; b DE. FG—FE. * etgbé'erit diviim
wp. & AB.BC :: DG.GF. Phoc eft DG, °
[ GF :: DE. EF. ergd cim DG—DE.

4. 8.
Wy abfurdum fequetur , fi dicatur AB. CB :: DE. -
GF " FE. . -
Pror. XIX.
. c Si quemadmodum to
A: =% [t AB ad totum DE
D I st ablatum AC feba-
buerit ad ablatum DF;

& veliquum CB ad religuum ¥B,ut totum AB

- ad totum DE, fe babebit. :
. Quoniam * AB. DE :: AC, DF, b erit per-
¢ 5°  mutando AB.AC: DE.DF, cergd divifim

5. do AC.DF:: CB.FE; 4Hoc et AB DE ::
CB FEl QE' D,

x. Hinc, fi fimilia proportionalia Gimilibus
proportionalibus fubducantut, reiduz erunt pro-
portionalia, - :

* a2, Hinc, demonfirdbitar converfa ratio.
Sit AB. CB:: DE.FE. Dico AB. AC ::-
5. 5. DE.DF. Nam*® permutando AB DE:: CB.
9. 5. FE. bergd AB.DE:: AC. DF. quare iterum
permutando, AB. AC:: DE. DF. Q.E.D.

Pros

™ AD cerit GFc-EF. Q.B.A. Simile’

" 5‘ AC.CB:: DF. FE, quare rurfus b permutan-

4
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- Liver V.- S (¢
. . Pror. KX.'_-_' o '
Si fint tres magnitudines A,B,C;
L & alie D,E,F - ipfis aquaes 1u-
" mers, qua bina & in cadem vatio-
ne fumantwr ( A.B:: D.E; atque
i B.C::E.F)s_ ex aquo autem
Prima A major fuerity uam tertia
C; erir s quarta D majtr quim
: Jexta ¥, Quad i prima A tertice
'ABCDEE C fuerit wqualis 3 -erit & quarta
- : DB aqualis fexte’ B, Sin illa vi-
nor, bac guoque minor evit,
1, Hyp. SiAc C. Quoniam* E.F::B.C, 2 by
Berit invers¢ F.E :: C.B, ¢ Sed %1—3 dergd b eor 4.5.
. - , L4 h}P &
P A . D A Y - 3 8- .
7% vel e tergo De-. F.-QE.D. H jsthb.'l X

-

2. Hyp. Simili argumento, Si A=0C, often- ¢ 1e.5 §

detur D F, <

3. Hyp. SiA=C.Quoniam F.E :: C.Bz: £7.5..

£A,B:: D.E. serivt D=F, Q,E.D. Bl e

- ! L e
Pror. XXI1

8 (it tres magmitudines A,B,C;

' _ & aie D,B, ¥ ipfis: aquales ju-

© . mero,quit bine & in eadem sar:i-

. nefumaniur , fueritque perturbata

l eorum proportio, (A.B:: E.F,

aque B.C :: D.E. ) ;. ex equo

awtem prima A quam tevtia C mi~-

Jor fuerit; avie & quarta D quim

ABCDEE Jexta B major; Qudd ff prima-

: Juerit tertim aqualis, eiit &~ guita

aqualis [exta; fin illa minor, bac quoqne miner eiit.
1. Hyp. A~ C. Quoniam 3 D.E :: B. C, a byn.

. .. . C
invertendo erit E.D :: CBl atqui g b=a 3 o &
K s S ‘;crg‘» o
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c fchol.13.g. ¢ ergd B
l 10

. 5.

2 byp

b 4 5 .

e 20. 5.

d Gudef. §0-

Z—

-5 O
| A

— s O

" EUVCLIDIS Elementornm
-,%,.,hocea.g--, dagd D 1:

2. Hyp. Similiter, 81 A=—3C. erit D—3F,
. 3. Hyp. Si A=C. Quoniam E.D<;: CB::
tAB:fEF, serit D=F. QE.D,

Prop. XXIL.

. SEfimt quotcumque magwitu-

. dines A, B, C; & dlie ipfis

wqudles numero DLEE, gue
bine & in eadem vatione fu~
mantuy (AB ::DB: & B,
CuEF); & ex.equdi-

* tate I8 eadem ratione crumt
" (AC:DE). )

Accipe G.H iplarum A;D'5

& I, K ipfarum B, E;, item
L,M ipfarum E; F 2que-

multiplices. .

" Quoniam *A. B D, E.
‘berit G.13:: H.K. eodem
modo, erit, I. L :: K. M. er~
i Gr=,~ L, cerie
L=yaM;dergd A.C i3
D.E. Eodem padto fi ulte-
riis C.N2F. O erit ex

qu’}i AV«N :.: D’l 0. QR.:‘D.

Prop;’

— e g

—




Liber V. : 107:
Pror, XXIIT
- Si fink tres magnitudines A,B,C;
- . aliaque D, EF ipfis equale s~
oy mevo, qie bine in eadem rativae
s fusmantur o fuerit autem pemuibat
- earum propeitie, ( A.B :: E.F, &
B.C:: BLE.) etiam ex equalitate
in eaders ratioie evam. © -
Sume G,H,I ipfa $B.D;
item K,L,M? % C, B, F
xquemulsiplices, erit G.H *::
ABb::E.F?:; LM.porrd quja 3 '5 5
®B.C:: D.E,erice HK :: LL. b br
ergd G,;H,K 3 & I,L,M habenc € 4 ¥
* fe juxta 21, . quare i G
=K erit fimiliter I~,— =M.
. dproinde A.C :: D.F. QE.D.
I AR Eodem modo. fi plures fucrint & 6. 4ef 5.
magnitudinibus tribus, &c.

- Core’l. :

- Ex*his fequitur,rationes ex iildem rationibus - B
compofitas efle inter fe ealdem. item, earun~ ;’;fjfff
dem rationum es{dem paetesinter fe ealdemefie. =
R Prop. XXII1L '

=l Si prim1 A® ad fo-
C———— 8 © (yudem C ewdem bd»‘l{f’
E H vit tationcm quam iertia
- ’ DE ad quartam B habu:=

vit autem & quinta BG ad fecundam C eapdern.

radionem, quim fexta EX ad- quaitam B ;. ctiam
. compafita prima cum quinta{ AG ) ad fecundan
€ eandem babebit vationgmm ,quam tertia cum ftxta

( DH ) ad qisrrtam F, ’ -

"~ Namquia® AB. C:: DE.F, atque ex hyp. ,

& inversé C.BG :: F.EH, crit ®x 2 uali bioza. o
AB. BG:: DE.EH. ergdé componendo AG. -
BG :: DH.EH. citem BG. C:: EH..F. ®er- ¢ b
gé rurfusex. quo, AG. C :: DHLF, QE.D.

R h Lraui

-]
- T

r
z'l‘




108 EVCLIDLo Licmeniorhm

Pror. XXV.

w " Si quatuer magnitudinis rmprma-
BD nales‘jl“uemt (ngB. CD:E.E. )3

- CD, & E majoes erunt.
Flant AG.—E & CH= F(
Quoniam A B, CD:;E.Fbu
AG. CH. cerit AB. CD ::GB.
+D, ifed AB CD. cergd
: . GBc-HD. atqui AG4F=E-¢+
> ACEF CH. e 0 AG-+F+GBE+
febol.14.5, - CH+H . hoceft AB—hFrE—I‘
CD. Q.E.D.
Quz fequuntur- propoﬁuones nén fust Eg-
clidis ; fed ex aliis defumptz ob frequentem ¢z~
rwm ufum Euclidzis fubjungi (oient.”

Paor. XXV

c Si prima_ad fecun-

b= P dambabueric majorem

proportionem gpsim ser~

 tia ad quartam ,babd»t convertendo ,_ fecunda ad

pnzm mijwrem  propovtianem . qum quarta ad
serbiay..

C
Shgop Dxco A-—)

c. Nam concxpe'

B .
=§' 3&'50 -t:‘—d bquarc Ar. E. C“gé
":IE- vcl QE >3

Px:orf. XXVIL.

A c Si.prima ad fecuna
g — D= dan bibuerit m}gn/cu
p/apa/tzaflem,qmm ter
tia ad qu1y tam, habebit. guaque wicifim prima
sestiam majorem projertiogem , guim fecunda ad

£

‘1.3. 1) !
10, 5. D
g4
‘A

€ 4! 5

\—,

- Ao

maxima AB, & mirira F reliquis.
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LA C o A B T g C

Sk 555, .Dxco cCp. Namputa 555, -

ergd AcE.bergd A eyl B 21075,

Zergd AE. Pergd ct¢ “vip QED.§ ]

{Proz. XXVIIL € 165

Siprimaad fecundam babueric majorem mp‘r-v
tionem 5 quim tertia_ad quartams. babebit quoque
compofita prima cum [ecunda ad fecundam majorem-
proportionem, quim compafita tertia cum quartd ad-
quartam, ‘ : o

" qip AB_DE™ _,  AC_ DPF .

S“I;B'Erz'r. Dico £eC3F. Nm, cogta
f._cl.’ _—_-ﬁ,?. =‘erg6. ABr GB, adde utrinqqngC, : :°-:

. "AC _C DF e
berit o ‘=0~ a — ¢ 8. 5.
berit AC-GC. cergo rrigey bhoc eft 5. ; fl.si-
Q_B. D.‘ . - :

PROP. XXI XL -

BN Y-
A5 s

. Sicompofita prima cum fecunda ad [ecundam ma-

forem babucrit prapmiaaesz, wam compota tertiz

oum quarta ad quartam, habebit quogue dividendo

prima ad fecundam majorem projoctionem quam ser- .

Yiaad guartam, | - b :
Sit-gg rg Dico :—g c E'E. Ieellige.

GC_DE

—— ey & £ . ¢ - .
gc=(7. "o8%. AC GC. aufer compune 2 ;o.us‘

> b i AB_GBy DR ¢ g s
RC,> wit AB—GB. cergd S 5¢ dyel S 17'55'
Q.5 D L. T Rrop..

#
§
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.
26. $.
28. 5.

18. §.

13. 5

- 10. §.

EVRE N

LCOCLLLDES Elementorsm

Pror. XXX.
B " Si cemifefita pr:-

s ~ macum (ecunda ad

jeemF  JEnndam’ babuerit
B . majorem_ proportio-
: nem, quim compofi~

_ 14 tertia cum qwta ad quartam; Habebit , per

conerfionem vationis, primg cum [eckada ed pnmm
minorem _sasidnem o-quim teriia cum’ quicta ad
sertiam. " -
"AC_DF

o)
AsSr ggr" Dc AB:';DBD:Iam qma
a :
G TEF. b erit d:vidend.o BCT gF. | comver
tendo igitur k'i—J D'E dergd componenda
AC_DE ' :

B-jDE-Q‘ED ! ~
Prop. XXXI AT

A D i it tres magni-
o—_ P tudines A,B,C, & -
G dia ;pﬁr aguaes
H ma D,E,F,

mque mapr propor=
sio prima priovum ad fmndam Squim prige pofie-

viehomad {éamdﬁm( 3 I.‘,"P' Ysitem fecunde pri-
oHm dd tertiam major, quam [ecunda. pofieriorim
od uwmm ( % :*5 } Erit quoque ex aqualitate.
major proworiio pmu pmml o tmmM pré
ne po?mmad tevliam ( = :'— -) .

€°"‘?‘P° = _< crgo B:‘G l'ergo g C""
Rurfus puta = .__-. ‘tsg G-aﬁ dugo fomus

é-—,xa ‘quarc Ar:H..' grpmdc c"“c, vel 5 =
QE.D. - .. Pagpe



e . L“b” rt
Pror. XXXII.

dines A,B,C; ¢ alie
 ipfis egquales D,EF,
. sEtque majer proparti
prime priorwm ad fe-
m;dam, quum fecmde pofieriorum ad tertiaw;

(3 Aed) tem fucknde priarum ad sertiam mi-

Fome

:oTu»

| jorsquian prime paerinun ad fisundaon (% = 2)

|

erit quoque ex aqualitate major proportio prima piin-
rumad tmm,qnlm prima poficviorwm ad tmum.

(c"’ﬁ')

Hujufce demonfiratio plané ﬁmilis eﬁ de=
- monfirationi praecedentis. .

Pnor. XXXIII

Si futiit major propordio
A ST totius ‘Ab}sad Atm:nd CD,

—'—'I —D uam ablati AE ad abla-
< ;Ium CF. &rit & veliqui
EB ad reliquum FD iz

jor propmso, quam totius AB ad totum €D.

Dl i fint tres magnitu-
"B -

113

= byp.
27. $.

AB
Quoniam D :- GF, b erit permutando € 30 §»

AB__CD _ .3
— = r converfionem rationis.
AR T CF CTBOPE

AB_ CD AR _ EB
¥p > fp. permttando iziwr &5 73 gy,

QEDR |

Li  Mhes
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LS GCLLADLD Liimirtoram
Pror, XX XIV:

A — - Sifintquo=
¢ - E- cunque magm~
G H tudines, & o~

likipfis mqua-

les wumero 5 sitque msjor projortio prime priorum
ad primam poficrierum, quam (ecund e ad fecundam;
& bac major quim tertse ad tevtiam, & fic dein~
ceps: babebunt omnes prioves fimul ad omnes pofte-
vipres [l , majorem proporsionems , quish omnes
priores, veliti primd, ad omanes pofferiores, velictd
queque Primils minorem autem, quans prima priovim
ad primam pofterionem; majorem deniqs etiam quam.
sltima priorum ad wltimam pofieviorum.

Horwin demonfiratio eft peses interpretes. ques
adeatsqui eom defiderat. . nos . omifimus , brevitatis

- Pudioy & quia illorum .rm'ﬂ,a wfies 1y bois elementiss

143

et L
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g
IC_I B. V Io.
Defwitianss.

¥ W Imiles figure re@ilinez fune
N ( ABC, DCE()1 x & an-
24O gulos fingules fingulis zquales
§d habent; atque etiam latera,que
AW circum'angulos zquales, pro-
. , portionalia,
4ng. B= DCE ¢ AB. BC :: DC. CE,
item ang. A =D; atque BA. AC:: CD. DE.
denigne ang. ACB = E. arque BC. CA::
CE.ED. . ‘

I1 Reciproce an-

tem funt ( BD, BF),
tlcim in utraque figura
antecedentes, & confe-
G quentes rationum ter-
-mini fuerint. (. hoc eft
AB.BG ::EB.BC.)

R o

A‘_- e dill. Secun-

. -+ Um extremam
C & mediam rati-

onem refta linea AB (e@a, effe dicitur, cimut

tota AB ad-majus fegmentum AC, itd majus fe- .

gmentum AC ad minus CB f¢ habucric. ( AB.

AC:: AC.CB) .
T . I  Altis
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EVCLIDIS Elemtntornms..

A : . 1V. Alitudo cujufqs fi=
" gurz ABC eft linea perpen-
dicularis AD ., & vertice A

ad bafim BC dedu&ta,

B G

V. Ratio ex rationibus componi dicitur,ctim
rationum quantitares inter fe multiplicatz , ali-
quam effecerint rationem. :

.Ut ratio A ad C, componitar ex vationibus A
: B Ab AB

2 20.def 5. adp,dr BadC. mamg + =g =3C.

a 3.1
b 38, 1,
|

s feb. 38.1.
i {s.. def. 5.
P 4L 1. &
5.5,

Pror. I

A Triewgula ABC,
Er— I Ao e
Y ' _ gramma BCABR,
CDFA, quorum ea-
dem fueric altitudo,
itd fe habent inter fe,
H G B CD Y uthafesBC,CD. |
..} Accipe quotvis BG , HG iph BC xquales;
idem DI =CD. & conne@e AG, AH, Al
¢ Triangula ACB,ABG, AGH 2quantur;®i-

-tem twiang, ACD = ADL ergd triangulum

ACH tam multiplex ef} trianguli ACB, quim
bafis HC, bafis BC. & zquemulsiplex eft tri-
ang. ACI trianguli ACD,ac bafis CI bafis CO.
cim igitur i HC o=, =, = Cl, ¢ etit imiliter
triang. AHC £, =, =3 ACI, ¢ ideSque BCy
CD:: wiang. ABC, ACD: : ¢ pgr. CE, CF.
QE- D.. S - T .

’ -

s



Bl C IKE ‘MF
Hinc, triemsla ABC, DEF, & parallelo-
ramwms AGBC, DEFH, quorum equales funt
i bufes BC,EF jita febabent ut dlsitudinesALLDK. -
*Surhe IL = CB; & KM =EF; ac junge 3 3. %
| LA, LG,MD, MH. liquer ef® ritng. -ABC.. 7' &'
DEF: * ALL.DKM::¢ Al DK::9pgr.d 41 1. &
AGBC| DEFH: QE: Du ' . ls_- ,o

- Pror. 1L _

A Siad umm z'/iemiuli ABC,

latws BC paraliela dutta fuevi

- vetlaquadam dinea DE, bac’

. propovbionaliter fecabit ipfine
“trianguli lateva( AD.BD 1

AE.ECA Eb i trianguli la-

E tera proportiondliter felta fue-
B rint (AD. BD : : AB.EC)

. = qua ad feftiones D, B adjanila

fuérit veta linea DE, erit ad veliguum spfius triane

gudi latus BC parallela. Dycantur CD, BE.

1. Hyp. Quiatriang, DEB*= DEC;3 " erit a 37.1.
wiang. ADE. DEE :: ADE. ECD. atqui b 7. 5-
triang. ADE.DBE¢:: AD. DB. & triang. ¢ 1. 6.
ADE.DECc¢:: AER.EC, dergd AD. DB d 11. 5.
AEc EC- ) )

2, Hyp. QuiaAD.DB:: AE. EC..® hoc ¢ 1. &

_eft &riang. ADE, DBE :: ADE. ECD;
£ erit triang, DBE = ECD.$ ergd DE,3Cf#-
funt paralicle. Q. B!D, - g¥

‘Schal.



11a EVCLIDIS Ekmentorans
’ Schel. ‘ .
Imd, fi plures ad unum trianguli latus paral-
lelz du&tz fuerint,erunt omnia laterum fegmen-
ta proportionalia, ut facilé deducitur ex hac.

Pror. ITI. :
Si trianguli BAC
BAC lifariam fectus fit,fe-
cans autem augulum velta li-
nea AD fecuerit & bafim,
bafis fegmenta eandem babe~
. bunt rationem, quamveliqua -
B. C ipfius trianguis latera ( BD,
BC:: AB. AC.) Etfibafs fegmentacandems
babeant yationem quam veliqua spfius trianguli i
. ra( BD.DC : : AB.AC,) refalinea AD que.
avertice A ad feGionem D ducitur, bifariam jgm
trianguli ipfius angulum BAC. . .
Produc BA; & fac AR = AC. & junge CE,
1. Hyp. Quoniam AB = AC,erit ang. ACE . |
1.  3=E b=4BAC ‘=DAC. dergéo DA, CE

P

3. I ggrallclz funs, ¢quare BA. AB (AC)::8D. -
». ~DC. QE.D.
6 2. Hyp. Quoniam BA. AC. (AE) :: BD.
6. DC ferunt DA, CE parallelz: 8 ergd ang.
t BAD = E; & ang. DAC8 = ACE*—=Eker-
%  gdang, BAD=DAC, bifeus igitur eft ang.
T BAC, QE.D. ,
Pror. 1IV.

. Aquiangulorum triangu-

lorum ABC, DCE pro-
portionalia funt lateva, que

civcum aquabes angulps B,
. 2CB(A;¥.BC::DC.
: -CE, &c.) & homologa,
- B C E fin latemAB,DCog%:..
. que aqualibas angulis ACB, E &, [ubtenduntur.
, s Scatue

F




Liber VI. - 117
Statue latus BC in dire@nm lateri CE, &
_preduc BA,ac ED donec? occurrant. x 32.1. 3
%oniam ang. Bb= ECD, «funt BF, CD '}
: ele. Tremquia ang. BCA *=CED “funt ¢ 28,7,
CA. EF parallele. Figura igitur CAFD eft
‘parallelogramma. 4 ergéo AF=CD; 4& ACd 34 &
= FD: iquct igitux AB. AF (CD) e+ BC; ¢ 3 6,
"CE.f permutandoigitur AB. BC : : CD. CE, f 14. 5.
ejtem BC.CE:: ¥D. (AC) DE fergo per- ,
mutando BC. AC ::- CE. DE. quare etiam scx § 35+ -
‘zquo AB. AC : : CD. DE. ergo, &c. s
o ' Corall. . LI
! mnc AB. .DC.: H BCO CE‘ H .:AC| DE' .“
bl " S'chal.
| ~Hincfiintriangulo FBE ducatur uni lateri FB -

t

parallela AC; exit trishgulum ABC fimile toti
¥BE. N L - : o
S Provr. V.~"d. R

. Sidus triangu-

A b " la ABC,DEF

, ) Ldya proportionts

E ¥ lia habeans (A B.

- BC::DE.EF

g’AC BC::

- F. EF. item

B cq V' RB.AC::DB

DF ) equiangula erunt triangula, & aquales habe=
bunt cos angulos, [ub quibus bbmologa lasera fubten-
Auntur. '

Ad latus EF2fac ang. FEG = B; *&ang, 2 33. 1
EEG= C, ® quare ctiam ang. G = A. ergd b 3’-6"
‘GB.-EF ¢ :: AB. BC :: ¢DE. EF.¢ ergod ﬁz”
GE :DE- Item GE.FE ¢;: AC. CB 4:: e 11. ,.,.
- DF.FE. ¢ ergd GF = DF. Triangula igitur &9. 5.

- “DEF. GiF fili mutud zquilatera fun. f ergd £ 8.1+
" ang.D=G=A.‘&ang FED=FEG =L _,
'8 proinde & ang. DFE = C. ergd &c. Pror J

R .
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Sor. !
or. 17,1,

EVCLIDIS Elemniorim

Pror, VI, B
: 8b duo trians |
D “gula ABC, |
EF unum an-
gulam B uisi an- 1

gules B, DEF

L B €GeS

Yatera proportionalia babuerint ( AB. BC :': DE, -
EF; ) aquiangula erunt triangula ABC, DEF; |
|

"
e

walBque habebuwit angules. quibus bomwloga
Ura fibtenduntar, %
Adlatus EF facang. FEG =B; & ang.EFG

5<C.%unde & ang. G=£ A, exgd GE. EFb: : |

AB.BCc:: DE.EF 4tgé DE = GB. atqui

13 gulo DEF g-°
: " qudlem, & tiv-
. Lkin ;ayalts ane

Ll

ang. DEF ¢ =B f=GBF. sergd ang. D= ¢

= G= A, ® proinde etiam ang. EFD = C.

QOB'D. v
. . PROP. VIi.'

. 8 dus triangula

astem al'os
. ABC, E laterapre=
. e portionalia  babeant
( AB. BC:: DE. EF) ;5 reliquorum autem fi-
wul strmngue C,Fant ZInoTems, skt non_minorem
reclo; mquiagula erunt triamgula ABC, DEF, ¢¢
wquales babebunt eos angwles, civcum quas proporties
palia funt latera.

Nam i fieri c«giteﬁ, fitang, ABC c~E. fac
igitur ang. ABG=E jergé cim ang.A * =D,

}

angultim A uni angu- -
D sirca

4

f

b erit etiam ang, AGB= F. ergd AB.BGe:: !
DE.EF:: AB.BC. ¢ergd BG=BC., fergd |

ang. BGC : : BCG, Sergdang. BGC. vel -C
minor

{
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mino:c{he&o;lgroindg ang. AGB, vel F ree g eoro13.1,
&o majoreft. ergo anguli C, & F non funt e-

juldem fpecici, contra Hyp.

Prop. VIIL
' " Si in trianculo ree
A il ABC b ar-
gulo 1cito BAC in
bafin BC .perpendicu-
laris AD dutta ift 5
‘qua aid perpendiculi-
yem triangula ADB,

B > C ADC,tum toi trian~ -
goulo ABC, tum ipfaimer ¢ fimillafoms. =~ -

Nam ang. BAC?* == BDA '::’_CD.\A. & 210 ari
anrg. BAD"= C. & CAD b= B. erg0 per'b 33, 1,
46, & 1def, 6, '

‘ Covoll.

Hinc‘x. BD.DA€ :: DA, DC. | C 1. def. 6,
2 BCo AC :: AC- DC- & CB:
BA.::BA.BD.

Pror. IX.

. Adatarelta
' linea AB im-
" peratam partem
3 AG auferre,
Ex A duc
infinitam AC
utcung;,inqua °
. ‘-!f)nme tres, 3 3oL
. > - ‘o . A ,DB,EF
A & B zquales  uts
canque, junge FB, cui ex D} duc paralielam b 3% 1-
DG. Dicofalum.

Nam GB. AGe:: FD.AD. ergddcome
ponendo AB.AG :: AF.AD.crgd ciin AD=F
AF,wit AG,= 1 AB. Q.E. F. Prop.

c 3.6
d l.c 5~
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t 3" O

b 2.%6.
c 341 &
7 5

B VG LIDES Liemeniorim

Provr, X. - T

Datam veftam lineam )c‘
_ AB infedtam [militer | '
fuare (inF,G), ut !
M dua diera AC, feifa i°
fueriz (in D. E.) ﬂ "
A = Extremitates feGz i
R F OB xinkaz jungat recta Y-
B C. Huic ex pundtis BE,D * duc parallelas
EG, DF re@z {ccundz occurrenges in G, & .
F. Dico fa&um,
3 Ducatur enisd DH parall. AB. Eftque AD, 3
DE ®:: AF, FG, & DE.EC*:: DL.IH ¢ ;3 1
! /
114

W

FG.GB. Q.BE.F.
‘ s;‘b‘ﬁ“m.

Hinc difcimus veltamdatam AB in quotvis &«
guales partes (puta §.) fecare, id quod faciliis
przftabitur fic, - , ;

Ducinfiniam AD,eiq; parallelam8H criam *
infinitam. Ex his cape partes zquales AR, RS,
SV, VN; & BZ,ZX, XT,TL; in fingulis und

pau=




Liber VI - 121
pauciores, quim defiderentur in AB; tum re&ze
ducantur LR, TS, XV, ZN. hz quinquife-
<cabunt datam AB. ’

Nam RL, ST, VX, NZ 2 parallelz funt; a 33. =,
ergd quum AR, RS, SV, VN bzquales fint, b cenfir.
cerunt AM, MO, OP, PQ_zquales. Siriiliter ¢ 3.6,
quia BZ=ZX, erit BQ=QP. ergd AB. quin-
quifeita eft. Q.E.F,

Pror. X

S~y o SN P

Datis dusbus
rectis lineis AB
AD. tertiam

g proportionalem
C DE invenire.

A .
] Junge BD,
& ex AB protra8i funie BC= AD. per C
duc CE parall. 8D, afi occurrat AD pro-
duda in E. Erit DB expetita. '
,- Nam AB.BC.(AD):AD.DE.QEF. 2% 64 -

R -7 Vél G, facang. ABC re@um
. & ang. ACD ectiam re&um.
beiic ABBC::BC.BDs b s
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a 2 6,

ETVCLIDIS Elementorum.
_Pnor.‘XII'. - o

Tyibus datis ve(ts lineis DB, EF, DG, quard
tam proportionalems GH ixvenire.

Conne&tatur ¥G. per F duc FH parall. EG,
cui occurrat DG produca ad H. liquet “effe
DE. EF*::DG. GH. Q.E.F. ,

, o Rl
D € Vel iti. CD=CB~+BD ad-}\*
E apta civculo, Circino fume AB.! 7

» Erit ABXBEz=CBxBD. [’qua-fg,‘.

C re AB.CB::BD, BE. ‘N’l
. - . . ‘3

© Vi

Pror. XIIL et

' Duabus datis ”;&tl.o;
F 5 lineis ABE] ¥ 3
mediam praparti, 3,
nalem EF adinveyk )
, wire.
- A - BB Supertotz AR-
diametro deferibe femicirculum AFB. Ex &
erige perpendicularem BF occurrentem periy
pheriz-in F, Dico AE. BF ;1 EF.EB. Dud
cantur enim AF, & FB. Ex trianguii“x-c&axE
N gt
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uli! AFB re&to angulo, dedufts et FE baf

perpendicularis; P ergo AE. FE ::FE. EB.b wr. 8.6
’\V;'E;F. B

Coroll.

. Hinc, linea re@ta, quz in circulo 3 quovis

counéto diametri, ip6i diametro perpendicularis

tducitur ad circumfcrentiam ufJue,media cft pro=
portionalis inter dup diametri fegmenta.
PR QP, X I V. .
Lquilium , & -
H wum ABC usi.
EBG aqualem ba-

a  bentinm angulum ,
pardllelostammornm &.
BD, BF reciproca .

. Junt laterasgma cir=
cum mquales argu-

. (AB. BG ::EB. BC) : Et querum parai-

felogrammornm BD 3 BF wanm angulum ABC

Yk angulo BEBG equalems habentium , veciproca

unt lavera, que circum agquales angulos, illa funt

iegualia. o

Nam latera AB, BG circa 2quales angnlos

ciant unam rectam,? quare EB, BC ctiamin

ire€tum jacebunt. Producantur FG,DC; do-2 /4. 55. 1,

tC occurrant. e b1es,

™ 1. Hyp AB.BGb:: BD.BH ¢:: BF,.BH d:: ¢ 7. 5.

£EI M. BC. ¢ ergd, &c. . drne

g 2, Hy BD.BH £:: AB. BGS:: BE.EChurg | ".5‘

in$F.BH.*ergd Pgr. BD.=BF, Q.E.D, g hyp.

| . 1. 6.

2 AF B ¥ PO 5 N S

iy, T -

;‘?I ‘ Ma Tro®.

-~

ol -




23 EUCLIDIS ‘;E;{engentorum
Pror. XV. )
| ABC, wii DBE #
- qualem babentiii angu~
lum triangplorii ABC,
L DBE, reciproca funt
C {f%, lasera, qui circum o-
tpeales angulos ( AB. .

RE :: DB, ¥C): Et quorim triknouiom ABC,

DBE, #mum angulum ABC uni DBE aqualem
babentium veciprica funt ldtera , Qua circem equa-
les angwlos ( AB. BE :: DB. BC) , ille fumt
wequalin,

- Lateta €CB, BD circa 2quales angulos, fta .

WINTA ¥ tuafitur fibi indireGum; 2ergd ABE eft recta

b 1.6 Hnea. duestur CB.

7.5 1. By. AB. BE® :: triang. ABC. CBE
.. ¢ oRg. DBE.CBE. ¢:: DT. BC. ¢ ergd, &c.

1. 6. - 2, Hyp. Triang. ABC.CBEf:: AB.BE ¢::

. hype DB. BC b::: tifang. DBE. CBE: Y ergo triang,
» 1.6 ABC = DBB. Q. B. D.’
. Prop, XVTI.

i, l 4

FEC
Si quatur velle linse propoviionsles [uéiint

- (AB. FG :: EF.CB), qwod [h extrémnis AD,

CB comprebenditur vectangulnm AC aquale eft ei,.

quod [fub mediis B¥, EG cogprebendituy , rectan-
gulo EG. Etfi fub extremis comprehenfum relas-

2:beom AC equale fuurvit ¢iy quod fub mediis com-

i piehenditur, 1ectargulo EG, illa quatuor relte linca
proporsionales ermnt (AB. EG i BF, CB.).

1, Hyn.

i

Equlium, & ymom |

{
]

i,
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Lober ¥ 1 125
1. Hy). Anguli B, & F e, ac’proxm.c a 12 av.
garcsfunt ; atqae ex hyp. AB. FG :: E[~ Ct.
ergb Reftang. AC=EG. Q E. D b 14: 6.
2. Hyp. < ReQang. AC=EG; aque ang, ¢ Iyp:
B:F,‘crgoAB FG:: EF.CB. Q E. D.d 14.6.-
Corol.

Hinc ad datam re@am ]ineam AB facile cft
dgtum re@angulum EG applicare, ¢ fac,mdo SRR
AB. EF FG BC.

I’xop. Xviin . .
¢

€ rverveyerr

Si tres vefle linea fint propoytiondles ( AB.
EF :: EF.CB), g fub extreqps AB, C,B
compretenditer velkanguum AC “equdle of o,
guod & media &F, defcribitur, qusdrass EG. Ef
f5 fub extremys AB CB comprebenfum reliangs-
lum AC, equale fi f ¢ ei, quod g media BY , deferi-
bitur, quadvato BG, ille tres rella linee proportm—
nales evunt (AB. £F :: EF. CBY.

Accige ¥G = ER. -

7. Hy. AB. EF*:EF (FG). Cs. ergo a byr
Relaag. AC*==EG°=EFq QE.D. 166,

3. Hyp. ReQang. AC 4 = quadr EG = ‘ 9. R
qu ’“@AB BF FG (EF) BC. ¢ 16, 6.

Corel.
&KAID‘_-CQ “‘OA Q C B.

A

]

Pror]
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"at.1,

cozflr,

3a. 1,

3.4%

4. 6.

3. ¢,
6.def. 6.

EUCLIDIS Elementormm
Propr, _ X VIIL

P
L\ N

A B C

A data velfta lines AB duto veltilineo CEED.

Fmsile fimilitérque pofitum veclilineurd AGHB de-
[ertbere. - . : ’
Datum retilineum refolve in triangula, 3
facang. ABH =D 2 &ang. BAH =DCF;
& ang. AHG = CFE; * &ang. HAG =
FCE. Redilineum AGHB eft quzfitum.
Namang.B® =D, & ang, BAH *== DCF.

- ¢quareang, AHB = CFD; bitem ang. HAG

= FCE," & ang. AHG = CFE.. ¢quare ang,
G=E3 & totus ang. GAB ¢ ECD; & totus
GHB ¢ = EFD. Polygona igitur fibi mumo
®quiangula funt. Porro, ob trigona #quiangu-
la,AB.BH¢:: CD.DF. & AG. GH. ¢:: CE.
EF.jtem AG.AH.¢:: CE.CF.& AH.AB¢ ::
CF.CD. fundecx zquo AG AB 1: CE. CD.
eodem mode GH.HB :: EF,FD. sergo polygo-
na ABHG, CDEFE fimilia fimilitérque po%n

- exiftunt, Q. B. F,

11,6,

Pror. XIX.
Similia trian-
wa ABC,

g . EF funt in
duplicata rati-

) one laterums bo-
mologorum BC

¥. G GE _FEF
3 Fiart BC,ER :: EF. B6. & ducatur AG.
» Quia

e ——

- . s -
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‘Quia AB.DE »:: BC,EF ¢ :' EF. BG.& ang. b wr 4.6.

B=E ; derit triang, ABG = DEF. veram § ‘10;{*;_-

wiang, ABC, ABG ¢:BC.BG; & f 3¢ -
_BCy. . . ABC . o ABC.__{ '
=& bis; ergd triang. 56 ‘hoceft Biw $= i llol.‘r;e.f 5.
BC,. : '

G bis. Q. E. D.

Corok.

"Hinc, fi tres linex BC, EF, B proportic-
nales fuerint; ut eft prima ad tertiam, ith eft tri-
angulum fuper primam BC defcriptum ad tri-
angulum fuper {ecundam EF fimile, fimilitér3;
delcriptum, vel itd eft triangnlum fuper lecun-
dam EF defcriptam ad triangulum fuper terti-
am fimile fimilitérque defcriptum.

Pror. XX.
. F

Similiapolygona ABCDE, FGHIK in fimilia
wiangula ABC, FGH ; & ACD, FHI, &
ADE , FiK dividunturs & numero aqualia, &~
homologa totis. ( ABC. FGH :: ABCDR.
FGHIK :: ACD. FHI :: ADE, FIK.) Et
polygona ABCDE , FGHIK duplicatam babent
sam inter fe vationem, quam latus bamologm BC.
«d horologwm intus GH, ST _

C M4 1. Nam:



:m &

6.5,
hfcb:;,
k 13,3,

E ‘v CLIDIS Elementorum
GH.be a e Al ’A%}C&;&lm " :.3.
agd 2qui
fune. ¢ %Jmp la AED, FKIafli-
nxlamur cﬁm igitur ang, BCA b—~ GHF; &

'angIADE b  FIK; torique angulj BCD,

5 atque toti CDE HIK ¢ parcs fint, 4 re<

manentang, ACD = FHI; & angH.ADC:s .

FIH ; ¢ unde etiam ang, CAD =HFI ergd
triangula ACD, FHI fimilia funt. ergd, &c.
2. Quoniam xgmn- mangula BCA GHEF

ﬁmxhafunt, Eerit d'ﬁ brs obnndtm

caufam EFI ...ﬁ bxukmg;mmg 5 =

lx ® bis. Quare cdm BC. GHs:: CD. HI s:2

DE. IK,lem triang, BCA. GHF :: CAD,
HFI :: DEA, IKF 2 ¥ polyg, ABCDE

FGHIK & bis,

! Corok.
" 1. Hinc, fifuerint tres line relz propor-

. tioneles; ut e primaad tertia, {3 erit poly-,

num {uper primaw defcristum ad oRgm
?p er(ecugdamp fimile , ﬂm?t qv.‘es:f‘c,rg
rm& etit polygonum fyper fecundam efcrn—
ptum ad polygonum fuper tersiam. fimils Gmili-
téqued
unde elicitur methodus  figuram quamis relti-
lm.vn augendi vel minuendi in ratione data. 4t i
5 g lats CD dliwd faom s quin-

“ nplm umAn,é sABmmMmp—

¥ 18, 6,

Kovialews. Supey pestagenum fimdle
dare. bxmtqn mﬁ'

2. Hinc ctism, fi figuzarum Gmilivm home-.
Joga laters nats fucrine, stism proponio Ggrea-
rum isnoteloet; u-pthvm tevism pro~
pomonalem. )

Prop.
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Uty 7 &
Pror, XXI.

»  F 1

e i

32 (ABC, DIE) videms reililimo HFG
Jum fimilia, & inter [e funt fimilia,

amang. A'=H*=D. &ang. C =G 2 t.def ¢

a=E;&ang. B2=F3=I *item AB. AC :;

"HF, HG :: DI. DE, 3 & AC. €B :: HG.

GF :: DE.BL. & AB.BC::HF. FG: DI,
1E. *ergd ABC, DIE fimilja (unt, Q. E.D. .
’ Pror. X X11..

y° DR PG i

Si qu:tuor vefta hnew proportionales fuciiit
(AB.CD :EF. GH. ) & ab dis retlilizes [- -
milia fimiliterg®e defiripta proportionalia count.
ABL.CDK ::E M. GO) Et § igectis lizess

wilia fimilitérque defciipra veltilinea pigport gaae

fia fuerin (ABL.CDK :: EM. GO) itfeetiz yow -

* & linca pro oitionsles evume.( B.CDEF.GH.) .
Ent. -

AB,. EF.q,
5. Hyp. C'-ﬁxF: ’f)-)blﬁ =igu bh":c;—b-‘

dergd ABIAL'DK.:: EM.GO. Q.ED.. %
3.Hyp. c—fi bis==2 A8l o _EM (L EE by

a4

-

CDX —6GO0 ~“G€il cio ~

bis.ergo AB. CD:: EF.GH.QE.D.  'd e

M -5 N Sehil
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oir. Herigs

wr. & 6,

22, 6,
17. 64
wr. 8, 6;
22. 6,
ig. 6y

EVCLLDIO LinHnsrme
Schol, '

" Mine deducitur, Or-demonfiratw vatio mul::fh. g

candi quantitases furdas. ex gr.. Sic &/ § mulii-
p':icangus in 4/ 3. dico provenire 4/ 15. Nam
«x mulpiplicationis definitione debetefle, 1.4/ 3 12
« §- prodult. ergd per hanc, g. 1. q4/3:9.
v §. g produ&.boc eft. 1. 3:: 5. . produck..
ergd q. produd. cft 15. quare 4/ 15 cfk produding,
exqf 3in 4/ 5. QE.D.

FBREOR. .
B

A ‘ 5 B

Si'velte tinca AB. felta fit utcungwe n D, ve=
Sungulum [ub” partibus AD, DB cantetum , eft
medium pioportionale inter, earam quadrasa, Item
veltanyulum contentum [ib tota AB, &~ una parte
AD, vel DB, ot medium propertionale inter qus=
dratum totiss ABw, & quadrawm difla. partis
AD, vel DB, .o : :

Super diametrum AB defcribe femicirculumy
ex D erige. normalem DB occurrentem periphe-
riz in B. junge AE, BE.

Liquet"efle AD. DE #::DE. DB. bergd,
ADq. DEq :: DEq. Dgq, © heo et APqg.,
ADB:: ADB.DBq. Q. E.D. . :

Porso, BA. Ai'd: AE. AD*eergd Biq.

AEq 2 AEQ. A%q. £hoc et BAq. BAD: -

BAD, ADq. Eodem modo ABQ. ABD::
ABD.8Dg. Q.E. D. -

~ Sic quidem P." Herigonius (cité. Sed” facilli.

mé hxcaizm ex 1. & & 13,5, deduci pofs .
flns, : "~ Doz



v Lo taoty P4, . I3
- Propr. X XI1IIL

AP H o Aquiangila paialle-
; B D / logramma AC, CF in-

C S ter [2 rationem habent
' / eam que ex lateribus

B Rl

.
s . AC EC
‘L ¥ e T ew
e somporitur. ( o
B K DCYy. a
6’ ‘ .+ CE. i o . ’
i. Latera circa zquales angulos.C 2 fibiin di- a fib.15
t reum ftatuantur; & compleatur parallclogram-
mum CH. se b&. .
w.. AC, AC CH _B€ DC
Rado ¢ "=¢g + &F T &6 ™ . D 2o.df
5, QED. ’ :
* .
. Covoll. . )
¢ ~ Hinc& cx34: 1. patet primd, Triangula, gua Mr. Tics

" wnwm angulum (ad C) aqualerm bibomty ratiasem 5. 5.
o babere ex vationibus retarum, AC 24 CB, & LC
ad CF, aqualem angwlum contincativi. .

) Patet fecundo, .
. Reltanguia a *pro- * 3§ 15.

I~V T © inde & par diclie
Lx gravima gaccuiaque
. h B rationen inmter fe-
, babere: comtofitam-
S| ex vationibs bufis
(o} 2': ad bafin, & altie
N tudins ad  altity=- -
dinem. Neque ali-
ter de triangulis:
. N - ratiocinaberis.

Paret. tertio, Quemede triangulorim 1¢_peral—-
belegrammorum  projortio exhiberi: poffit. Sunto.
parallclogramma X & Z 5 quorum bafes A¥,. "

e CB; altitudines veré CL, CF, Fiat (L. CFE.:::xq 4 6 8
€8. O, *erit X, Z:: AC. Q.. . L 6.

o

LS

.

"7

Preri.
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23&. LETUCLIDIS Elewentorum:
: " Pror. XX1V.

In omui  pavallelegyommo .
ABCD, qua circa diame= ™
trum AC fint parallglo- .
gramma EG, HF, & roti
& inter fe funt fimilia.

BL.1i ¢ Nam pan elog,rammn,J
.~ BG, HF: hsbent fingula unum ssgulum cum

3355 1ot communem. * €go toti & fibi mutud zqui~.

ax;fuiaﬁmt. 3 Ytem tam triangula ABC , AEJ,.

- IHC, quim wisagula ADC, AGL IFCfunt

b 4.6 inter fe 2quiangula. b ergd AE. E1:: AB. BC,.

: Yarque AB.AT ;: AB. ACs P& AT, AG.: AC.

¢ 23.5.  AD. cexzqualijgitur, AE. AG:: AB, AD.
d 3, def, 6.dergd Pgra, EG, BD fimilia funt, eodemmede.; 7
HF, B v fimilia fune, ergd, &c.

o - Paer, XXV..

X L™ N o
Dute veftilinee ABEDC firite, fimiilitévque po=
_ " Prum P; idémaque alteri dato ¥ aq;{!;, ,m:/z'm:lz’r::
WINH * Fac reQlang. AL'= AB&DC. ¥ item fuper
17 ec  BLfacreQang, BM = F. Inter AB, BH cin-
wai mediam proponjonalen NO. fuper NO
. fe . d

- W

1
|
|
)



7 - - [ 4d L4 ¥ A ,,!
4fac PO'}‘Z%Mhm P fimiledaro ABEDC. EBrit.d 18, 6
hce zquale dato F. ) ¢ cor 3

Nam ABEDC (AL). P :: ¢ AB. BH¢:: f1. 6.
AL!BM;ergé P':BM“:‘F. Qn. FA ﬁ 14, 8

conflr
Pror. XXVI. .

. ’ S & 2Bctogremen «
A, L D ABCD pa%el rammsm
F AGFE ablatum fit, ¢ fi-

”u‘“‘i’ & Mﬁ‘ p -

TN, COMMNREN chm 09 i -
bens amguiom BAG , bac
civea candem onm tote dig- .
weotrwm AC confiffet. .
$i negas AC effe communiem diameerum,
edo diamerer AHC fecens EF in H. & ducarsr

. AE. He ma B, DR2 62 34 6
glhga'irfxlt eel:‘gé K.:El}tl’gmi‘b D(,:f:: Az, 2 ;” de
EF. 4 proinde EH = EF. 1Q.B. A, i

Pacr. XXVIL . £, a
. . Omtium paiafelo- -
s ' D NERE {MG w AD,
: Jecundim.ear~-

o l » f‘m uth;ga lincam .
) B applicaterum .
¥ L L %ck%m £-
: Nl gwrks pardidograme
A C KB maCE Ki fm-
Libus, firiilitérgs po=-
fitis 5 € ADY, quod & dimidia defcribitur, maxi-
mum eft AD, quod ad dimidiums eft applicatum, fi=
mile exiftens dcfectui K1, . )
Nim quia G8 * = GC, addito communi 2 43. 1..
KI, beritKE = CI <= AM.adde commune b 2. .
(G, derit AG=Gnom. ML, fed Gnom. ¢ 35~‘;.-_
MBL ¢ -3 CE (AD). ergd AG =2 AD. g o

QB B N. Prope.




39 b O L d LTL S CHIBIBTIY RN '
’ Pror. XXVIIIL ‘ ‘

)¢ . '_ H_FQa&
o)A/
A E 2B

" Ad datam veltam lineams AR , dato veclilines
C equale parallelogrammum AP applicare deficiens
fawrd pavallelogrammd ZR , qua fimilis fit alteri
7. 6. pavalelogvamma date D. * Oporser autem datum
reitilinewm C, cui equale AP applicandum eft, non
wajus effe eo AV, quod ad dimidiam applicatur, fi-
milibus exiftemibus defeltibus, & ej:s AF quod * i
. ad dimidiam applicatur; & ejus D 5 cni fimile de-
A effe debet.
A Bileca AB in E, Super EB * fac Pgr. EG.
b. 45 1 fimile dato D. ® sitque EG=C 1. <fac pgr.
5:¢  NT=1; & fimjle dato D,vel EG. duc diame-
trum FB.fac FO = KN; & FQ=KT. Per
O, & Qduc parallelas SR, QZ. -parallclogram- .
mum- AP eft id quod quéritur.
Nam parallelogramma D, BG, OQ; NT, i
mpr. & ZR 4 {unt imiliainter fe. Bt Pgr. EGe=NT
;}b -+ C¢="0Q«+ C; f quare € = Gnom.
ax.,  OBQS=AO 4+ PG =AO+EP =AP..
.ax.  QE, F..
130 o : ,

Trer, . )

—
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.'D' T E A FGrz.g

Liber VI. 13§
P.ROPo XXIXQ .

Ad datamreétam Lineam AB ; datereltilinte C
aquale pavalielogrammum AN applicare , excedens
Sigurii parallelogrammi OP, que fimilis [it paralle-
logrammo alters date D. -

Bifeca AB in E. fuper EB 2 fac Pgr. EG - 2 18.6.
mile dato D. b sitqs pgr. HK = EG+ C; & b 15.6.
fimile dato D, vel EG. fac FEI ¢ = TH; <& ¢ 3. &
FGM = 1K, per L, Mduc parallelas RN,

~ MN. & AR parall, NM. Produc ABP, GEO,

Duc diametrum FEN. Pgr. AN cft quzfitum.

Nam parallelogramma D , HK, LM, EG d cofir.
4fimilia funt, ¢ ergd pgr. OP fimile eft pgro £ ‘2'?'3*'6 .
LIM,vel D: jtem EM f=HK f= EG =+ C. :

3. ax.

8 ¢igd C' Gnom. ENG.atqui AL®= LB h3s.1.

b= BM.lergd C.m AN. Q. E.F. fz”i,- L
. Pror. XX X.. o o 7
: Propofiti re-
g ) B &tam lineam tey-
1 G M minaam KB,

extrema, ac me-

: : . did rvanone fe-
! care. ( AB.

N AG . AG.

’ eca AB a1 =
inG,itdut AB'xBG:;,AGq. bergd BA. b 176
3. AG.GB. Q&E. F.
A . R N Prols



A ket oKt A L AT AN S VCTIROT I
Pror. XXXL.

. - ‘
né','ﬁ?‘ﬁ‘é;.a'“’f.."” 2y, el

dwe urie BG, AL, que -
i d‘fnl?ﬁmlf:. ister W“ a {ateretass:
s AC redus contimxtibus defatin -

Ma
Abangulo refto BAC demitte pqrpcnd;cp

l‘ 6.6 larem A anmm CB.CA*:: CA.DG. -

20.6: berit BF. AL = - CB. DC; inwerseque - Al
BF :: DC. CB. Jte quia BC,BA > :: BA.DR
berit BE. BG :: BC, DB; ac mvcrtendo,BG

24 5. BF = DB.BC, <étgd AL~+BG.BF :: DC+
!{;‘W;W'm Bf 4ergd- AL+BG=BF. Q.E.D.
250 Velfic. BG.BF¢:: BAq.BCq.c & AL.BF ::

34050 ACq. BCq. f e.?a BG4AL. BF :: BAQ+
. fth. 14.5. ACq BCq. € erg
> 47 I Mric BG««AL.-BF. Q.E. D..

Corall.

- Exhac propafitione, addi poffunt, & fubtrabi -

dgurz quavis imiles, eidem methodo, q13 qua=
dnmdd&mur &Iubxnlmmw, in [chat.47.2..

F

clim BAq+Ath*B q.‘.

Prooy.

— o~

[ Y Y

—————

et A 4



AR ¥V £0 - 437
Pror. XXX11.

Siduo ticsula

A ABC, DCE,qus

. y - . e Iatera dusbis

- . latevibus . geapoitios

’ / nalig babeant (AR,
Bl AC :: DC.DR),

€ R feoupdsmunuman-
péum ACL) -compafien fussint , iti ut bowelaga
aorum Latera fut e pardliels ( AB ad DC,
& ACtd DE ) : tumw veliqus illorum tiiamgi
locwm latera BC, CE in rectom linem colocata
Teperientur.
Nom ang. A'SACD*=D; & AB.§
[

2.1,
AC?:: DC.DE.c¢ JESDCE. ergd 2?'3.
2. L

B ASSACE. id 405, B A AC Bong 4 1, .
Rett ¢ i, ACEAACH? Fil sond ¢ 73
BCE eRret Tinea, Q E. D, o f

1. #X.
Paor. XX XIIL- B &

pase. -
ik BC, G, qwbn infifwnt 3 fu ad comnt
’ﬁc, BDC, FHG ), five ad peripberias A,

conflitmsi infifiak : very O fellanes 3PC,
FHG, grigpe qui 50-&&«:6&:. Duc.
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28. 3,

27 3 .

EVCLID{S Liementorum

Duc re@as BC, FG. Accommoda CI=CB;
& GLz=FG=LP; & junge DI, HL, Hp,

- Arcus BC*=Cl,? item arcus ¥G, GL,LP

aquantur, ®ergd ang, BDC=CDI. ® & ang,
FGH—=GHL=LHP. Ergd arcus Bl tam qu—
tiplex eft archs BC, quim ang. BDI anguli
BDC. paritérque 2zquemultiplex eft arcus FP

" archs FG;arqueang. FHP anguli FHG. Ve-

27. ;;
6. def. §.
15. 5. -
0. 3.

27. 3,
24, 8.
4. %,
3. A%,

‘.ch; 5.

v %o

Q..

" .ram fi arcus BIc-,=,— FP, cerit Gmiliter

ang. BDI =, =, -2 FHP. erg6 arc. 3C.FG?::
ang. BDC. FHG ¢:: BDC. FHG f:: A.E.

2

Rurfus ang. BMC ¢ =C N.I; R atque idcirce

« fegm. BCM = CIN. ¥ item triang.]BDC=

CDL1. lergd fe€tor BDCM=CDIN. Simili
ratione fe&ores FHG, GHL, LHP 2quantur,
Quuom igitur prout arcus BI =, =, =3 FGP, it
fimiliter [e&or BDI =y —,~3 FHP, = crit fed.
BDC.FHG ::arc. BC.FG. QE. D,

Coroll.
Hinc 1. we felter ad fedlorem, fic angulis ad

ogulnm, .
2. Ang. BDC incentroeft ad 4 velios, ut ar-
s BC cui infiflit ad totam circumferentiaom.
Nam ut ang. BDC ad re&um; fic arcus 5C

" ad quadrantem. ergd BDC eftad 4 Re&os,ut

atcus BC ad 4 quadrantes, id eft ad totam cir-
cumferentiam. jrem ang. A. 2 Re&t :: arc, BC,

periph. iy _

- Hinc 3. Inequalim circlersm aicus 1L,BC,
qui wqudles [ubtendunt , frve- ad centya, ut
;l‘_LlL & BAC, five ad pevipberiam , [int fis

es. _ :
.-Nam IL, periph. :: ang. IAL, ( BAC.).
4 Red. item arc. BC. periph :: ang: BAC.
. R 4. Rett.

S
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4.Re&. ergd IL. periph :: BC. periph. proin-
de arcus IL, & BC funt fimiles. Unde '

1

. .

* 4. Dud [emsidiametii A}i, AC 2 concennyicis
peripheriis arcus auferm fimiles 1L, BC, .

]éjm. f]nyeﬁvdé/fm’fwfffa@d%“

Ng LIB



LIB. VIL
Definitiones. -

NG Nitas cft, fesundim quam u-
D numguodqs eorum quz funt,
§ waum dicityr.
A I1. Numerusautemeft, ex
& unitatibus compofita muli- -
tudo. '
I1L Pars eft numems hiumeri , minor ma-
Y, joris, quum miner metitur majorem.
Omittis pars .ab eo numero nomen fiLi fumits per
~quem ipfa numerwm 5 cujus eft pars, mesiturs 4t 4
¥ Siditar tortiq pan memeri 135 quia welder 13
r 3.
1 F 1 V. Partes dutem, citm non metitur.
. Parmes quecunque nomen accipiunt i duobm illis
" THINCYiS, PET QHOS MIAXINA COMMUNS Augrim nunt=
rorum menfra wirumaue corwm metitur, ut 10 di-
. Gitur § mumeri 32, e9 qOA MmAZimA comminis mes-
Jura, nempe 5., metitnr Yo per 2,8 15. per 3o
. V. Maltiplex veré major minotis, ciim ma-
" jorem metitur minor,
V1. Par numerus eft, qui bifariam divi-
” ditur.
VIT, Impar vero- numerus, qui bifariam
‘gon dividitur, vel qui upicate differt 4 pari.
-+ VIIL Pariter par numerus eft , quem par
. Rumerus metitur per numerum parem.,
I X, Pariter autem impar eft , quem par nu-~
- merus metitur per numerum imparem,
‘., X. Impariter verd impar numerus eft ; quem
* impar numerus metitur per numerum imparem,
X 1. Primus numerus eff, quem fola unitas
metitur,
‘ XIIL. Primi inter fc numeri funt, quos fola
- uBHas, communis menfura metiture
X115 Com-

PN

Ca N
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© tes, & procreatus fuerit aliquis.

" meris ‘continetur, Sit Almws quadrati 5 qemlia- .
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© X111, Compofitus numerus oft ,qaeh nu-

- mheérus quifpiarh ttietitur. '

X1V. Compofiti autem inter fe miumeri
fonit, quos numeras gliquis codrminis thenfira
metitur, , \\
In bac defigitione & precedenti unitas nos. eﬂ\ \
pumerus. ' \
~ X V. Numérus nuimerdm multiplicare dicir\

" . mur, cbim totiés compofitus fueritis , qui milsi-2

‘Plieatur , quot funt in iplo multdplicante unjta<t (\{‘)
Hinc, inomni multiplicatione unitas eft ad mw ¥

tiplicasores ut snultiplicatis ad prodwitums, . ¥
Nota,quad fape ciin multiplcands fune quévia

mumers,puta A in Bjliteiarum conjunitio produitim :

deastar. Sic AB = Ain B.item COE=C iy ~

D iz k. -

,.X VI Cim autem dio nuttreri fefé multi-

plicantes aliquem fecerint , qui factus erit, pla-~ -

Bus ap‘&:ellabitur. Qui verd nureri fefe mutudy /e

multiplicirint, laweeg illius dicentar, Sie 2 (C) 3 Ny

83 (D) =6 ="CD, efifaumens plams. OOy
X V11, Cimverd tres numeri mutud fefe M

muki{eﬁcmes- fecerint aliquem,}qui procremus

erit, olidmalppell:{bitur; ?ui autem numeri mue A

tud fele multiplicarine , latera illius dicentur,"™ i

-

+Sic,2 (C) in3 (D) ins (B) =30= CDB\ ¥

eft numerns folidus. . s\ \
XVIIL Qi{adratus numerus eft, gni zqua- " }\9
frer zqualis, vel qui fub duobus 2qualibusna- % Y

tus fic mmarnr , AAvel Ag.

X1X. Cubus vers, qui zqualiter 2qualis ¥
aqualiter, vel qui fub tribus 2qualibos numeris
continerur. Sit A latus cubi 5 cubus noratur fic, % N
AAA,vel AC. & {\)

In bac definitions, & svibus pracedestibus, uni- ~
sas eft memerrse .

- Y X. N 2
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X X. Numeri proportionales funt, ctym pri-
‘mus fecundi, & tertius quarti zquemul:iplex eft,
vel eadem pars; vel deniq; ciim pars primi fecan-
dum, & cadem pars tertii 2qué meritur quar-
tum, velvice versd. A.B:: C.D. hoc eft 3.
9:

ume

2,

als, .
X X1 rg&riles plani, & folidi numeri funtyg.,.

3. Additio, fubtraltio, multiplicatio, divifio,
extractionésque radicum, (cu lateram numero-

qui proportMnalia habent latera. N
Lteve yempe nonqualibet, fed quedam, =~ i
XX I% Perfectus numerus eft, qui fuis ipﬁ" m;r
us partibus eft Yequalis, L. s
e 6.8 28, Numerys verd qui fuis ipfius pai= g
tibus minor eft, abundans appellatur, qui vers ma-
Jors diminutrs. wt 13 ofF dbundans s 15.f} dimi= inil;
Rutys, ; T e b
X X111, Numerus numerum metiri dicie mlg‘
tur per ilfum numerum, quem multiplicans, vel e
3 quo multiplicatus, illum producit, R
In divifione, unitas oft ad quotientem, ut divi- | 1
ens ad divifum.  Notay qudd uumerus alteit line= y
ol interjedti [ubferiptus divifionem denotat 5 Sic ‘S
3 = Adivil. per B, item 3 =Cin Adivif, |
per P, ’ N N &
Termini, five radices proportionis dicuntur l 5
duo numeri, quibus in cadem proportione mined
res fumi nequeunt. CT e
T , ur
Poftnlata. -
1. T)Ofulctur, cuiliber numero quotlibes . il“,
, fumi pofle 2qualcs, vel mulriplices. -
3. Quoliber numero fami polle majorem. . «

rum quadratorum , & cuborum conceduntur - p

ttiam, tanquam poffibilia.

" Axiimard
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\

4 eAxiomata.

1. Wicquid onvenit uni 2qualium nume.
- rorum, convenit & reliquis zqualibus
i numens. -~

-2, Partes cidem ‘parti, vel jifdem partibus
", edem, {unt quogque inter Te ézdem. .

:. 3+ Qui numeri zqualium numerorum , vel
¢ -.aldem, ezdem partes fuerint, 2quales inter fe
= ant. . - .

/'~ 4. Quorum idem numerus, vel zquales, ¢x<
:dem partes fuerint, zquales inter fe fune, =~
4 g. Unitas omNem numerum per unitates,que
=30 ipfo (unt, hoc eft per iplummet numerum me-
. titur, -

6. Omnis numerus feiplum metitur per unis
d bearem. - o

.' 7. Si numerus numernm multiplicans, ali-
“"' quem produxerit , metietur multiplicans pro=
# .du@um per multiplicatum, multiplicatus autem
{ eandem per multiplicantem. .

il Hinc nullus numevus primus plasis cft ant fols
dus, quadyatws, vel cubus. - _

8. Si numerus numerum metiatur, & ille per
quem metitur, cundem mévictur per ¢as, quz in
me:icnte {unt, unitates, hoc eft per ipfum nume-
‘Tum metientem. ‘ : S

9. Si nuieras numerum metiens, muliplicet

‘eam, per quem metitur, vel ab eo multiplicetur,
#* fiium quem metitur, produci,

¢ r0. Numerus quotcunque numeros metiens,

sompofitum quoque ex ipfis metitur.

11. Numneras quemeunque numerum meti-
© .ens, metitur QUOQUE GMNEM nNUmErum , QWM
¢ ille metitur. .

12. Num.rus metieis tetum, & ablatum,

| matitur & reliquua.

ur
g

A Pror.
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 EUCLIDIS Elementorun

, Pror. L .
A..E.G.B 8 g3  Si devbusnumeris
. CwEBuD -1 % imequulibys propefitis

He--- (AB,CD) detras |

, . batwr fempey  minor
ScD de m;zre AB (% reliquas BB de CD
.Y alterni quidam detrailione, wegme veliquus
mqn)oa procedeatem : metinser, yuoud affumpta fit
uartas G B3 qus principio propofite funt mmeri. AB,
€D primi intev:fe evunt. . .
Si negas, habeant AB,CD communerrmens .

faram, numermam H. Ecgd H metiens CD, |

ietiam A'E mmetiter; proinde- 8t reliqwam EB;g
1ergd & CF, atque P idcirco reliquum FDj
L quare & iplim BG; ftd totwm BB mericbatur; -
bergd & reliquum GB metitur, numerus -umi~
wten. Q. E. A, C

- - Pror. II
o 6. . Ditthus #emp-~ -
A sresseatls B ceate h !, 9 6 fb’m AB’ CD
6 3 nén primisinter fe,
B ORI b D ‘ 'E 'g,.%, misximen  eotum
Gew- : communeny mevfu-
-vim- ¥ D vepereve.

begrahe minorem nurherum-"CD ¢t majori
AB; quotits potes, Siniliil rélinquitur, * pet
ipfum CD efft méximam communem mienfos 4

" ram. Si relinquitur aliquid FB; defne hancex

b 1. ‘7.

c coulr.
d 11 ax. 7.
c 12, 42.7,

CD; & reliquun FD cx BB, & fic deindeps.
donec aliquis FD pracedentern EB metiatur,
{ nam b bioc fiet aritéquarm ad unitatem: pervéni-
atyr ) ‘Erit FD mexima communis niénfura,
am FD emetitur EB, 4idedque & CFj -
¢ proinde & totum CDj;dergd iphim AE;atq;
idcircd totum AB metitur, Liquet igitur FD
communem effe menfuram, Si maximam effe ne-
gas,
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fas , it major quzg{iam G. ergd G metiens CD,
metitur, AE , ¢ & reliquum BB, 4ip{imque |
CF, ¢ proinde & reliquum FD, ¢ major mino. 8 Juppe/.
rem. PQ E.A, L by ax 1o

~

Coroll..

Hinc, numerus metiens duos numeros, me-
titur quoqué maximam eorum communem men-

furam.
. . : -
Pror. 111 ,
A s 12 Tribus numevis datis A,B,C
: j; S non primis inter fe , maximans
D....4 eorum communcrs menfuram B,
; C.wu6 _veperire. . .
. E.z2 Inveni D maximam com-
N Fo-- _ munem menfuram duord A,B.

' Si D meritur tertium Cjliquet
P maximam &R trium communem menfuram,
&i D non metitur C, erunt faltem D,& C com=
. - pofiti inter fe, ex coroll. przcedentis. Sir igi-
) tur iplorum D, & C maxima communis men-

fura E. erit E is, quem quaeris, :

" Nam E * metitur C, & Dj?ac Diplos A, & 3 ¢onfir-

B metitur; b ergo E metitur fingulos A, B, C; b 11,427,
|+ nec mdjor aliquis ( F ) eos metietur; nam i hoc
“i affirmas, ¢ ergd F meriens A, & B, eorum ma- € ¢of 1.7.
o ximam communem menfuram D metitur; Eo-
2 ~dem modo, F metiens D, & C, ¢ eorum maxi-

-«. mam _communem menfuram B, 4 major mi- d fipyef

aoreq, metitur. ¢ Q. E. A. € 745 b

. Coroll.
Hinc, numerus metiens tres aumeros, mayi=

. mam quogue ¢rum communem menfuram me-
titur, :

e

£ Do a®
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SR "A.tn& ':- - Ommis umerus A,
sl Bla -7 ) nume’rtB,mmorm]r

= B vsesssivennns 18 pars eft, aut partes,

Bl-nnn 9. SI A & B Pr.“

a2 4 def. i . - inter fe,‘em Ay

ies numeri B, quot fint in A unitate
b 3o def 7., 5'.‘:% 7. ).Sin Ikmcuatur Bsbliquer A ¢
teayipbus B. :(ue 6=} x8f) demquei
< 4 def. 7. B aliteg cempo(’ iti inter- {e foerint, °m
communis menfura determinabit, quot P
' conﬁczat ipf us B;-ut 63 9

) N~ Proer. V. v i
T - ‘\: ﬁ-m..‘ Dsu: .
S~ 6§ g

;vb toe \J "'"*c lz' E e H e F

" S3 munMus A niescri BC ym fuerrt,

© D alterins > F eadem pars 5 & fimwl |
(A-}-D) Musgac Sl ( BC*EF)

v pm evity que un " A s 1C.
4 n - Nam-fi. BC in fuas pates BG, GC3
(aeg&aiés,atque LF ih fuas pastes FH,H
a LP D 2qualts “refolvantucs S erit numerds P
- in BC zqualis avrieto partiam in BF 1
L onf. T gitur A ) P=EGEH= GC-Q-HF
& tlants AoD 1t>om.sm BC-hl:k, yuotids, A ﬂ
.. Q.E.
cnang, Q'Vel fic brevids. Sit a....x & b::y

ﬂ—rb—!-o-yﬂ-v-y. Q_E«D _ *’
; A @ S 3

I

A
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