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B . <Kebilifsimis & Generofifsimis
(. ddolefiensibus,
Do Epouarpo CEciLio,
inftriff .comitis Sarisburietifis rilio .5 o
Do 10H ANNF KN ATCHBVIL,
- D, FRANCIS. WILLOVGH BT,
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¥ Nicuique veftrum
B (Optimi Adolefcen-
% tes) tantum me de-
bere reputo, quantum homo
homini debere poteft. Mea
- enim _fententia , ultra-fin-
~ cerum amoréin non eft quod
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* Epistola Dedicatoria.
- quifpiam de alio bene merc-

ri poflit. Hunc autem jam- .
diu eft quo ex fingulari ve-

fira bonitate mihi indultum

experior ; ejufque fenfus

intimis animi medullis in-

harens , ipfi ardens ftudium

impreflit quovis honefto mo-
do reciprocos affectus pro

dendi. Quandoquidem ve-
ro ea fortunarum mearum
tenuitas , ea veftrarum am-
plitudo, exiftit, utnec ego

alia quam grate alicujus -

agnitionis fignificatione uti
queam, nec vosaliam admit-
~ tere velitis ; ea propter hand

illibenter hanc occafionem -
arripio , honoris & benevo- -

. lentize , qlllbus vos profe-,
; ‘1“°f: publicum hoc &dlll)ril-
ile

-




B  Epiffola Dedicatori . ‘
~ bile pimssownr edendi.  Etfi
~ cum oblati anathematis exi-

“_

litatem , & libellum, veftris -
nominibus - confecratum ,

‘quam is longe infra veftro- - -

rum meritorum dignitatem
fubfidmt , attentius confide-
ro, timor {ubinde aliquis &

-{ . dubitatio animum inceflant,

ne hoc fludium erga vos
meum vobis dehoneftamen-
to {it potius quam ornamen-.

~ tosfcilicer memor cum' fim,

urmalz caufz , fic & mali li-
bri patrocinium in patroni

. contumeliam magis quam in

gloriam cedere.  Sed quum
veftrarum virtutam id robur,
cam fore foliditatem , reco-

“guofcerem , 'qua veftrum de--

cis, meo quantumvis labefa-
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_ ~ Epiffols Dedicatoria.

&ato, inconcuflum fuftinere -

poffint; idcirco non dubitavi
_ vos in-aliquatenus commune
‘meeum periculum induere.
Virtutesillas intelligo-, qui-

bus nemo tinquam’ .1n. veftra
ztate aut:in vefiro ordine,

faltem me judice,majores de-

prehendit;qua vos infigniter

gratos omnibus & amabiles
reddunt;eximiammodefiiam,
fobrietatem , benignitatem
- amimi, morum comitatem,
prudentiam , magnanimita-
tem, fidem , przclaram infu-

per ingenii indolém, quz vos.
ad omnem ingenuam fcien-

tiam non tantum excellenti

captu, fed & appetitu forti

acfincero,infiruxic.Quas ve- -
ftras przclarifiimas dotes

prout




Epiffola Dedicatovia.. .
prout neme eft. fortaffis qui
me relius novit,aut pro con-

fuetudine , quam jamdudum

. vobifcum ‘dulciffimam co-

luiffe ex vefiro favore mihi
contigit,penitusintrofpexit;
ita nemo eft qui impenfins

- miratur & fufpicit ; aut qui

ipfas libentins pradicare ac
celebrare vellet, {i non cum
eloquiimei vires fupergrede-

‘rentur,tam etiam que in fin-

gulis vobis elucent, prolixi a-
licujus’ commentarii aut pa-

- negyricz orationis liberta-

tem, potius quam preflitutas

“hujulmodi falutationibus an-
v guftias, expofcerent.  Quin

potius divinam clementiam

. imploro , - ut ves earundem

virtutum {anéto tramiti infi- .
* 4  ftere, -




Epiftola Dedicatoyia,
frere, atque hos egregios gru;
&us verne veftrz ztatis feli-
- cibus incrementis ma turel%‘ce,
re concedat; vitamque vobis

" inhocfeculoingennam, in-

nocentem, jucundam’, & in

futuro beatam ac fempiter-
nam tranfigeré largiatur. Mi- -

nime antem dubito, ne pro
confueto vefiro in me can-
‘dore hac ultimum fortaflis
quod vobis praftare potero,
~ benevolentiz erga vos & ob-

{ervantiz teftimonium, ala-
criter aceepturi {itis 5 quod

yobis propenfiffimo affeGu -

offere |
'Kgﬂn‘ in grernum 4;}:4:;:}/350_"4;, '
@ obfervantifsimus,
SN ’ s ‘ :
L. B.

Rene- ‘

-
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Benevolo LEcTO R L

BT quidin bag elementorum editior
ne praflitam fis » fiire defideras,
bY amice LeGor, acospe s P10 genia
ASTE T operis, breviter, Ad dups precipue
Jnes conqtus meos divexi,  Primum, Nt ism
requifita perfpicisate fummam demonfira-

tionum brevitatem conjyngerem, que eam li- -

bello molem compararem, que commode abf

que moleflia circumferri poffes, 1d quod affe- |
cutns videor, fi abfentems Typographscura

won fryfiretur. -Concinnius enim quifpiam
meliors ingenip aut majori peritia excellens,
atnemo_forfan brevius plerafque propofi-

tignes demonflyaverit 3 prafertim cm in

numero & ordine propofitignum ipfe wi-
bil immutarim , nec licentiam, mibi_ af-

fumpferim quamcunque propofitionem. Eu-

clideam. procal ablegandi tanguam minus
seceflatiam , aus quafdam  fuagiligres in
axiomatqm cenfum veferendi ; guod nem.
woullifecerupt’: inter quos petitiffimus Geo-
metrs Andr. -Tacqueths s quem ideo et

“iam namine 5 quod quedam ex ¢o defum-

pta agnofiere banesium duco 5 poft cujus

pleg ansifsimam editionem » ipfe nibil ateen- -

. sare
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~AdLe&orem.
tarevoldiffem, fi non vifum fuiffet doSif-
fims viro non nifi e&e Euclidis libros fuk
crd  adornatos publico communicaze 5.
veliquis feptem 5 tanquam ad elementa
Geomesyia minus [pectanitibns 5 omnino
quafi [previs arque pofthabitis, Mihi au-
tem jam #b imitio alia provincia de-
mandata fuit, non elementa Geometria -
wrcunque pro arbitrio confiribendi, verum.
Euclidem ipfum > eumgne totum ; quam
poffem brevifume 5 demonfirandi. Quod
enim quatyor libros [petat, feptimmm ,
ollavam , nonum 5 decimum , quamvis | !
illi ad Geometrie plane & folide elemen- | "
145 ut fex precedentes & duo fubfequen- | °
tes, nomiam prope pertineant 3 quod ta- ‘

men ad res Geometricas admodum utiles | "
fints tam propier Arithmetice & Geo- | e
‘metrie Valde propinguam cognationem, |
guamob notitiam commenfurabilium & in- ’ y
" commenfurabilium magnstudinums ad figs- "
rarum tam planarum quam folidaramin- | %,
selleitum apprime neieffariam , nemo | 'y
eft & peritioribus Geometvis qui ignorat. |
‘Que vero in tribus ultimis libris com- | "
tinetur 5 | 5 corporum vegularium nobi- Ji

lis contemplatio , illa mon nifi injuria %
pratermitti porust 5 quando mempe il- )
lins gratia nofler ciyuamic 5 _Plagowice* j
familia plilofophus, hoc elementorum [ye 'kr,,,”
flema univerfum condidiffe perhibetur s 1‘%:

Ui hy
2] jl”"k
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b " AdLe&orem,”

N 1 s ovurdois suyenTes WAQr wessciioe

‘ pinarers nemini harum [iientiaram 4

re integrum Euclideam opus , quale
pafiim ab ommibus citatuy & celebratur,
Quare nulium libram nulamgue propefirio-

P. Herigonium habenzur 5 cujus vefls-
giis prefle infiffere neceffe habuis quo-
niam sjufce libri fohemasifmis maxima

viderzm mibi ad novas defcribendss rém-
pus non fuppesere s esfi momnunquam id

monflrationes adbibere volui, fuccindio-
1i forma expreflss, nifi forte in 25 &
13, & parce in 7+ 8, 9 libris ; ubl
- ab eo wonnshil defledtere opers pretium
videbatur,  Bowa igitur fpes off fultem
in bac parte cum moftris confiliis, tum
fudioforum vetis; aliquo modo farisfa-

liis problemats quadam & theorema-

24y five ob fuum frequentem ufum ad
natyram elementarem accedentia, five ad

( coram que [equuntur  expeditam dewson-
\ frationem conducentia > fen qua reguls-

virw

ati teflis e[l * Proclus , i verbis 5 "osw *fib. 2,

™ 4 w:;ﬁp’m'bmmlﬁv omudmoy oisnom.
Praterea facile in animum induxi ut 0.

manti non futurum effe cords penes fe habe-
nem negligere volui- earum que apud,
ex parte wti flatutum erat 5 quod pte-

facere prasptaffem. Eadem de caufa.
e alias plerafgue quam Euclideas de-

© @um iri. Nam que adjeta fune in Schi-




Ad LeQorem.

- sum praltice Geometria quarandam praci-’
puarum rationes innuunt adfuos fontes re-

Lstas, per ea, ut [pere, libellus ultra deftina-
gam molem magnopere non intumefiet,
Alser [copus ad quem collineatum eff, eo-
ram defideriis confuluit qui demonfirationi-
bus (ymbolicis potins quam verbalibus dele-

&antur, Inquo genere cum plerique apud

#ios Guilielmi Oughtredi (ymbolis affucti
fine , eaplerumque ufurpare confulting duxis
mus. Nam qui Enclidem bds vid tradere
G interpretari aggreffus fit , bactenus, qued
ego fciam; preter unum P. Herigonium ,
reperiss eft memo. Cujus virs longe dodlifsi-
wi methodus, fane in multis egregia > ac ejus
pecaliari propofito admoedum accomodata »
duplici tamen defeGu liborare mibi vifa

ef. Primo, quod cum Propofitionum ad u- -

pims alicujus theorematis aut problematis
probationem addultarum poftersor & priori
non femper dependeat; quando tamen.illa in-
ter [z cobarent, quando non,nec ex ordine fin-
- gularum 5 nec. ullo alio modo, fatis prompee
tnnorefcere porefll: unde ob defetum con-
Jjundtionum & adjeltivorum (ergo, rure
fus, &rc.) non vavo dificultas & dubitand;
occafio, prefertip minus exercitatis , inter le-
gendum oboriri folent. Deinde fapenumero
evenit, ut pradicts meehodus fupervacaneas
repetitiones effugere nequeat > a'quibus de-
monfirationes eft quandq prolixe , aliquanda

- rr—
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. AdLe&orem, ‘
& magis intricata | evadunt, Quibus visiis

nofler modss facsle per verborum fignorumgs

arbitrariam mixtyram medetur. Atque
hac de apelle bujus intentione & methode- di-
&a fufficiant. Caserum que in laudem Ma-
thefeos in genere , aut Geometria ipfins; &
qua de nfloria barum fiientiarum , idevque
de Euclide borum elementorum digeflore 5

dici poffent » & reliqua bnufimodi fumgad,

osis hac placent 5 apud alios snterpreses
confulere porest, Neque nes anguffiss tem.

-poris qued buic opers impendi poturt e in-

rerpellationes negotiorum , nec adjumenso
rum ad bec fudsa apud nos egeflaiem , &

 quedam alia , ut liceret non smmerito, in ex-

cufationem obsendemus 5 mety fiilices indu-
&, ne hac nofira omnsbus minws fatisfa-
dant, Verum qhe ingenui Leltoris ufibws
elaboravimus , eadem in folidum ipfins cemo
fure acjudicio fubmittimus s probanda fi 4

tilia ibi compererits finomnino fecss, reficie -

ends.
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Ad amiciffimum Virum,I. B. de
EvVCLIDE contra&o.
) Eybgma-m":g _

FA&mQ bene ! didicit Laconice loqui
Senex profundus, & aphorifmos induit,
Immenfa dudum marge commentarii
Diagramma civewit minutum ; uique Infula
Problema breve natabat in vafto mari.
Sed unda jam detumait 5 & glofja arBior
Stringis Theoremasa : minorts angnli
Lateribus ecce totus Euclides jacet ,
Inclufus olim 'ut!ut Homerus in nace ;
Pliteoque farcina modo qui incubuit, levis
Enfit manipulus. Pellé in exigna lares
Ingens Mathefis, masris ut its ‘urero Hevcules,
Inglande quercussvel Ithaca Eurus inpila.
Nec moledum decrefeit, ufu fit minor 5
Duin anttior jam evadit, e cumulating
Contralla prodeft erudite pagina.
Sic ubere magis liquor 2 pre(fo effinit 5
. Sic pleniori vafa inundat fanguinis
., Worrente cordis {gﬁo]e 3 fic fuftus
Procarrit aquor e Abyle dngu fliis.
* Tantilli operis ars tansa yeferendaunice eft
B AR OVIANO nomini,ac folertie.
. Sublimis euge mentis ingenium potens {
Criinvinm nils ardunws effe nil folet.
Sic ufque pergas profpero conamine | -
Radinfque muleum debeat ac abacus tibi ;
Sic crejllmt indies feracior [eges,
Simili colonum germine afsiduo beans.
Specimen future mefsis hic fret laber 5
Magneque fame illufiria hec preludia.
Invenss dedit qui tanta, quid dabit fenex ?

Car. Robotham,c 4 NT 4 B.

.

»
=
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'In nbv,ar’n’ Elementorum
EVCLIDIS

- Editionem aD. 18. BARROW,
. Collegii 8. TRIN, Socio,
viro opt, & eruditiffimo,
: adornatam,

Bmgne Ledon! [fi wfpiam anditam g/i tibi,
5 Quantus senella Nix Geomesres fies s
ma mille radiis, mille ludie angulis,
Totumque puro ducit Euclidem finu :
Amabis ultro candidifsimum Virum,

Csii plenanivium eff indoles ofed quas tamen
© Praclurus avdor mentis urget Enthe s

Et ufque blandis temperas caloribus:

Quo funvius nil vivit s & melins nibil,

Is, dum liquentes pedove excntit nives,

Et inde & inde fpargit s en aliam tibi,

- Lecbor benigne, & nivibus Geomertiam!

G.C. LL.M. C.ES.
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Notarum explicati.

T majoritatem.

. = minotitatem. :
=+ plus,vel addendum effe. ;
—e minus, vel fubtrahendumefie.. -}
~: differentiam vel exceflum 5 item quan-

titates omnes, qu fequunrur,fubtra-
_ hendas effe, fignis non mutatis.

% multiplicationem, vel dultum lateris ie-
* Qanguli in aliud latus. )
dent debotar conjunétio literarum , ut

. AB=AxB. . ' '
*¢/ Latus , vel radicem quadrati’; vel cubi,
&,
Q. & q quadratum. C. & ¢ cubum: :
Q%;:qtionem quadrati numeri ad qua-
© dratum humerum. ‘

= 2zqualitatem. L ) ‘1

N

. , '3?39,[.“59

Religuas, que ubicunqué occurrant vocabuloruns
abbreviationes ipfe Lettor per fe facileintelliget ;
exceptis iis, quas tanquam minus generalis #fus,fuis
Yocis explicandas velipguiniuss :
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L1IB 1
Definitiones.

Un@lumeft cujus pars ulla eff.
2 11 Linea vero Jongitudo lati-
/Y . w
& tudinis expers. o
o8 111 Ligex autem termini funt
- OeeSId punQta. o
. 1V. Retalinezelt, qua ex 2quo fuainter-
“Jacetpunéta. - R -
V. Superficies ¢t , quz longnudmcm, lacitu-
dinemque tantum haber, Co
V L. Superficiei autem extrema funt linez.
_ VIL Plana fuperficies eftyquz ex Zquo fuas
interjacet lineas, , .
V11 §.Planus vero angulus eft, duarum fines-
rum in plano fe mutuo tangentinm, & non in di-
“reftum Jacentium alterius ad alteram inglinatio,
1X. Cum autem quz angulum continent, -
Timew s rete fuerint , reilineus ille angulus ap-
pellatar, - ’ . :

D}

' \ X. Cum vero re-

A &ahuea C G fuper

. se@am lineam A B
confiftens  eos qui

funt deinceps angu- -

» - . wlosCGA, CGB
A B aquales iater fe fece-
) G . o re€us eftuterque
zqualiym angulotam , & qua infiftic reQalinea’

fiflit. o
" Not. cum plures angsli ad unuwi panttans : (ut

« 4 G) exfiftunt, , defignatur quilibet angylus tyibus

itesis , quayum media ad verticem eft: illius de quo
_agitur : ut angplus quem vefle C G > A G efficiuye
‘ad partes A vocatur C G Asvel AGC..

C G; perpendicularis vocatur ejus (A B) cuiin~

X
-

A Obtu-



EVCLIDIS Elementorum ;
" X1. Obtufus angu-
lus eft , qui re@to major
eftb ut ACB. .
XIX Acutusvero, ¢
qui minor eft re®to, u
ACD. -
D  XI1LTerminusefl,
€ quod alicujus extre-
mum eft. )
X 1V. Figuraefh,quz fub aliquo, vel aliqui-
bus terminis comprehenditur. "
~ XV. Circulus eft figura plana ; fub una lizea .
comprehenfa ; qua.peripheria appellatur > ad
quam ab uno punfto eorum, qu intra figuram
 funtpofita, cadentes omnes refte linez interfe |
funt zquales. ’ '

XVI Hoc vero |
pun&um centrum cir- 3
culi appellatur.

X V11. Diameter
autem circuli eft reta
quedam HKnea per
centrum dufta, &ex
utraque parte in cirgu-
1i ‘peripheriam termjnata , qua circulum bifa-
riam fecat. . ’ ’

- X VIIL Semicirculusvero eft figura , quz .|
continetur fub diametro, & fub ealinea, quz de )
;

circuli peripheria aufertur. ,
Incirculo EABCD. E eff centrum, A C dia-
_meter;AB C femicivculus, ’ :
* XIX. Reilinex figurz funt, que fub reis ‘
lineis continentur. C .
X X. Trilaterz quidem, qua fub tribus. o
X XL Quadrilater vero , qua fub quatuor.* .

- X X1I. Multilaterz autem, qua fub pluri- i
bus , quam quatuor relis lineis comprebendun- ‘ 1
i

| 8 .
hig XXIIL



of

<.

Liber I. - \
XXIIL Trilate -

rarum agrem figura-
rums 2quilaterum eft
triangulum > quod tria
latera habet =zqua-
.”ga » ut tidangulum

XXIV. Ifofceles
autem » quod dyo tan-
tum wqualia-hobet fa-
- tepalit Ld;ngulm? B.

‘ i

1
' t .
.

XXV. Scalenum
vero , quod tria inz-
qualia habet lacera, ut’

XXVI Adbzc et
jam trilaterarum figura-
rum ; reftangulum qui-
dem triangulum eft »
‘quod reftum angulum
habet, ut triangulunt
A

"XXVIL Ambly-

* gomium aytenr, quod ebtufum angulum habet,

Az XXVIIL




EVCLIDIS Elementorum

. XXV I Oxygo-

Bium vefo 3 quod tres
habet acutos ‘ angulos;
ut q« o
Figura ' ®quiangula
ef}, cujus omnes angu-

Duz vero figure -
quiangule funt 5 fi finguli anguli ynius fingulis
angulis alterius fint zquales. Simjliter de figuris
%quilateris concipe. PR

B o
. XXIX. Quadrila-
terarum autem figura-
rum;, quadratum qui-
demett, quod & ®qui-
Tagerum , & re@an-
gulum efbut ABCD.

! .
XXX Alténq vero
parte longior fi ura efty
u® re qui-
emsat zquilatera non

’ B cft,ntABCD.

X XX 1. Rhombus
aytem* qua gyuilate-
. 735 fod reftangula non
el utAlT T ‘

XXXII

li inter fe 2quales fuat,

)
g,




B

Libey 1.

XXXII. Rhom*
boydes vero, qua ad-
verfa & latera, & an-
gulos habens inter fé
xquales;neque zquila’

gula,ue GL M H.

XXXI11. Dra.
ter has autem reliqua
. quadrilatere  figurz

trapezia appellertut; ut
GNDH Co

AXX1V. Para
el reét linez funt,

: que cum in eodem

fint plano ; & exutraque parte in infinitush pro-
ducantur , in neutram fibi mutuo incidune 5 e
A& B. E '

H

XXXV. Paal
lelogrammum et fi-
gura (luzdrilatera, ci~
jus -bina oppofita la-

tera funt parallela , -
;’ feu zquidiftantia 5 ut .

GLHM.
. XXXVL  Cum
veroin paralkelogram-
mo ABCD diame-
ter A C dufta fuerit,
dugeque linee E Fo
J3 HI; lateribus paral-
N Jelae fecantes diame-
» E G tean in uno eodernque
puné@io G 5 ita ut parallelogrammum ab hifce

A paral-

teraelt; nequereltans

!
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EVCLIDIS Elementorum
parallelis in quatuor diftribuatur parallelogram-
ma ; appellantur duoillaD G, G B, per }ua’.
diameter non tranfi¢  Complementa ; duo Yero
reliqua HE , FI ; per que diameterincedit
circa diametrum conhftere dicuntur.

. Problemaelt ; cum proponitur aliquid eﬁcieﬂ-

dum.

Theoremaelt , cum proponitur aliquid demon-

frandum. ,
Corollarium eft confeGariun , quod ¢ falta
demonflratione tanguam lucrum aliqued col-
. ligirur. o
" Lemma eft demonflratio premiffie alicujus 5 ut
demonfiratio quefiti évadat brevior.

B -~ Poftulata.

~

1. pOftuletur, ut i qaovis punéto ad quod-
vis pun&um re€tam lineam ducere conce-
datur. ‘
2. Et reftam lineam terminatam in conti-

- nuum re&a producere.

- 3._Item;, quovis centro; & intervallocirculum
defcribere. ' /]
. , ) E]
Axiomata, 2
A Y )
1.()u eidem zqualia; &inter fe funt zqua-
a. '
utA =B = C. ergo A= C, velergo
omnes A, B, C, ®quanturinterfe. - -

Nota , Cum plures quantitates hoc modo conjun~

&as invenias,vi bujus axiomatis primam ultime &
me_zlibet earum cuilibet eguari. Quo in cafu fepe,
“breyitatis canfa , . ab boc axiomare citando abffine-
-mus 5 etff vis confecutionis ab eo pendeat,

- 2. Et fizqualibus 2qualia adje@a funt , tota
funtzqualia.. C _
- - : 3. Et

~




(14

llelogram
) Pcr yz
; duo vero
erincedits

i @ﬁﬁﬂ" N

id demon-

8 falt

Viqy" ool

va y W

Liber I. :
. 3. Et fi ab zqualibus ®qualia ablata funt;

quz rclinquuntur funt 2qualia,
4. Et fi inzqualibus zqualia adjectafint stota

funt inzqualia. . '

. §-Et{i ab inzqualibus aqualia ablara fint,reli-
qua funt inzqualia. . .

_ 6. Et qua ejufdem vel zqualium funt dupli~
cia, inter fe funt #qualia. Idem puta de triplici
bus, quadruplicibus , &.

. 7. Etquz ejufdem , vel 2qualium funt dimi-
dia; inter fe funt @qualia. Idem concipe defub-
triplis, fubquadruplis, &c. . .

8. Et quea fibi mutuo congruunt ; ea interfe

funt 2qualia. : _
Hoc axioma invellis lineis , & angulis valet

converfum, fed non in figuris , niff ille fmiles fue-

rint, v ) ,
Caterum, mugnitudines congruere dickntars qua-

r4m partes applicate partibus, egualem vel enndem
Jocum oceupant. ;

", 9. Ertotum fua parte majus eff.

15. Do re@ linex non habent ynum &

idem fegmentum commune. :
11. Duz retzin uno pun&oe concurrentes;

fi producantur ambe » neceflario fe mutuo in eo

. puntto interfecabunt.

13. Item omnes anguli reci func inter fe -

. quales.

, Fiy | » S
13.E¢ fi in duas re&@as lineas AD,CB, altera re-
@aBAincidens , internos ad eafdémque partes
) A 4 angu-




/s

g..

v

"+ 'EVCLIDIS Elementortim
anpdos B AD;, A B C duobus rectis minores fa-

«ciat, duz ille refta line® in infinitum produdte’
fibi mutuo incident ad eas partes,ubi funt anguli

duobus redtis minores.

-'14. Du® ret® line® fpatium non compre~

hendunt. _
- 15. 8i ®qualibus’ inzqualia adjiciantur,
erit totorum exceflu$ adjunétorum exceffui z-
qualis. .
-*16. 8iinzqualibiis #qualia adjungantur, erit

‘totortn excefius exceflui eorum , quz a princi-
pio; zqualis. ) ‘

17. ‘Si -ab #qualibus inzqualia demantur,
erit refiduorum exceffus’, exceffui ablatoram -
qualis. S . ' .
-. 18. 81 ab in®qualibus ®qualia-demantur,erit
refiduorum exceffus exceflui totorum zqualis.

- 19. Omae totnh #quale eft omnibus fuis '

partibus fimul fumptis. i
20. Si totum totius eft duplum , & ablatum

-~ ablati, erit & reliquum reliqui duplum. Idem de

reliquis multiplicibus intellige.

Citationes intellige fic. Cum duo numeri occur~

vant, prior deffgnat propofitioniem, pofterior libram.

Uz per 4- 1. intelligitur quarta propofitio primi

lib1, atque ita de reliquis. ‘Ceterum, ax. axiomas
poft. poftulatsim, def. definitionem,fch.fcholum,cor.
corollarinm dendtant, ¢re. o

-

=

e, TV




Liber 1. T g .

s - ‘ :
f:l —L I Br'}a
i , Propr I

. ~ Vper data reila Ii-
o B.c E Sma terminata A B,

triangulnm  equilate-

o rom ABC conflitue-
t se.
. Centris A &B,e0-
at , dem intervallo A B,vel
ek o B A s defcribe ducs & s

] circulos fe interfecan- ®1- P'ﬂ

W b tesin pun&o C,. éx quo b dut retas CA; CB, 3 ”

nd Eit ACe= ABc= BC 4 = AC cz}dtf
. ¢ Quare trisngulum A CB .elt quilateram.

et P Quod Etat Facitndum.

IiS' 4
s [ S Scbolmm - !
‘ Eodem modo fuper A B defcribetur triangu-
ot lum Ifofceles » fi intervalla zqualium circulorum
e | majora fumantun vel minora, quam A B.
o S Propr IL ,
i . N
ol
0
!
|
| \
" ) 3

. Ad datum punBum A date relle ki
L " equalem re&amp lintam A G pémre i ' ¢
L Gentro € 5 intervallo CB & deferibe’ ch'cu‘- b pof
lum CBE. $1unge A € , fuper qita e fac erian: o paﬁ
gulumaqm'hmum AD G. lprodur. DCuE 4",ﬁ
cens




10

.poft.
;. def.
mjir.

yodefo
. ax.

s.dif.

npr.
, A%,

EVCLIDIS Elementorum
centro D,fpatio D E, defcribe circulum D EH:
cujus circumferenti® occurrat D A e protrata
ad G.Erit AG—=CB. - ;

NamD Gf=DE,&DA¢==DC, quare
AGh=—=CEk=BC/=AG. QEF.

Pofitio punéli A intravel extra datamBC,
cafus variar, fed ubique fimilis eft conftry&io, &
demontfiratio.

Scholinm.

Potetat A G circino fumi, fed hoc ficere nulli
poftulato refpondet; ut bene innuit Proclus.

PRO P IIL
: Duabus dasis velis
lineis Ase B C, de ma-
Jore BC minori A equa-
c ¢ lem retam lineam BE
’ detrahere. .

Ad pun@um B s po-
neretam BD = A.
Circulus centro B, fpa-

. tio B D defcriptus au-

foret BEp=BDe¢= AJ=BE QE.F.
PROPD IV

B.

i duo 'm‘mgida'_B AGCE Db F duo latera B A> * 4
- A € duobus lateribus E®  DF equalia habeants

.. < utrumque utrique (hoc et B A — E D,er AC=

abgani vera angulum A, anguly D #quan
: ’ o ‘lmﬁ,

-~




g

DEH:
otratts
‘ qugrc

BC
ﬁOJ &

wll

fis
M=
e
3k

T g~

Liber 1, 1x
lems, fub equalibus redtss lineis contenturms, @ befim
B Clafi EF equalems babebunt ; eritque triangn-
lumB A C triangulo ED F quale 5 ac reliqui
anguli B, Creliquis angulis E , F equeles erunts
userque mrigue , fub qtu%m equalia latera [ubren-
Lduntur, ‘
Si punftum D punéto A applicetur, & recta
D Ereftx A B fuperponatur , cadee punétum E.
inB;quia D Ea== A B. Item reta D F cadet
in A C, quia ang. A ¢ == D. Quinetiam pun- abype
&um F pun@o C coineidet ; quiaA Ce=—=DF.
Ergoreltw E F, B Gy cum eofdem habeant ter-
minos, bcongruent, & proinde mquales funt. p 14,4%.
- Quate triangula BA C;EDF; & anguliB, E;
itenique anguli C, F etiam congruuac , & -
quantur. (ilod erat Demonftrandum.

v

Proer V..

. A Ifofcelium trianguloram ABC
: qus ad bafim funt anguli ABC,
A CBinter fe funt equales. Et-
produllis aqualibus relis lineis
¢ AB,AC qui fub bafe funt an-
guiCBD, BCE imer fe«-

gquales erunt. ]
D ¢ Accipe A E==AD,&bjun- .
- geCD;acBE. . b::;;l’.
uoniam i triangulis ¢ .

ACD,ABE, funt AB¢ == A C,;& AE4=AD, d?uﬁr.
angulufg; A communis,e erit ang. ABE==ACD;.c 4. 1.
&an.AEB::ADC,‘,&bas.BEC-":DCi .

itemFCf— DB. ergo in triangulis BF C,

BD Cgerirang. ECB,= DB C. Q.E.D. Irem £3.a%,
ideoang. EBC—= DCB. atqui ang. ABEp— f,;;,"

t+ ACD ergoang. ABCk—=ACE QED.- k3.

. . Corollarium.
Hinc,Omne triangulum equilaterum eft quo-

,que ®quiangulum, .
_ - “PROP.



.ﬂ’

EVCLIDIS Elementorum
Proer VL ‘
A _ Sitrianguls A B C duo anguli
ABC, ACB equales inter ¢

S

c qualia inter fe erant.

' —N>  S8i fieri poteft . fic utravis
lé%rc A,sFacigitur BD=CA, & s duc
In triangufis DBC, ACB , quiaBD ¢ = CA,

:of' & latus BC commune eft , arque ang. DBC4—=

*,

A CB, eerunt triangulaDBC, A CBzqualia
inter fe, pars & totum, f Quod Fieri Nequic.
Coroll.
Hinc; Omne triangulum %quiangulum eft
quoque ®quilaterum. '

Pr OB VIL

- A _
Super eddem yeft1 linea A B duabus eifdem re-
" &tis lineis A C, BC); alie due refle linee equales

“+ A D,BD,uraque utrique (hoc eft, AD = AC,

& BD — B C)rion conflituentur ad aliud pun-
* " @um @, arque alind D , ad eafdem partes C , eof-
demgque terminos A, B cum duabus initio dudis re.

" Gis lineis babentes.

"1 1. caf.Sipun@um D flatnaturin A C.aliquet

" noneffe AD==AC.

2. ¢af. Sipun&um D dicatur intra triangu-
lum A C B,duc C D,& produc BD F,acBCE.
}am VEAD— AC.ergo ang. ADC b —ACD;
frem quia] BD ¢ = BC,eritang. FRG & — ECD.

ergo

\ - feerint , & fub equalibus angu-
lis fubtenfa latera AB, ACg-




e

s

\C

[

,o". L

1w

, ergoang FDCd”‘AC D, 1dcﬁang FDC 4o,

Liber' .1, 13
ADC2Q.EN
r; Caf. anc% cadat extra mangulum ACB,
jungarr C D.
Rurfus, ang. BCDe_—_BDC &BCDe= ¢q.1.
BDC. fergoang ACD _—BUC &proinde f9.07
multo magis a0g. BED 3 BD C. Sed erat

ang. BC D=BDC: Quzx :ep\.gn:mt Brgo,
&e

v

\

"PrRobp VIU

L g duo mmy..
D ABC, DEF

F\ ~ babuerint duo la-
, ttva AB, AC
diabus  lateribus

F DEDF, strum-

que wirique eqra-
b babumm vere & bqf m B C, baff E F 5 aqua-

lem < angulim M. fub equalibus redis lineis conten-
tum angulo D equalem babebunt. .

QuiaBC s —EF, fibalisB Cfuperpommr a byp.
bafi ERille b congruent.ergoicum ABe == DE, b $.0x,
&ACc=DF, cadetpunfum Ain D. (nam chyp.
-in aliud punctum cadere nequit , per preceden-
tem) ergo angulorum Ay & D latefzy comcxdunr

- dquate angu!x illi pares funt Q.

\cel

d g%,

i .
cardu i

1.Hinc triasgula fihi mmo zgjateraaemm .
mutuo » zquiangula funt. * 247"

2. Triangula hbxmutuo aqm{mm,a:quen y 4t
+ tur inter fe,

T

PROP



¥ EBVCLIDIS Blementorum
"PRrRor IX
A Datum angulum reltili-

neum B A C bifaviam fe-
* care. , -
eSume AD=— AE;
ducDE, fuper quab fac
triang.2quilat. D F B,
Dufta A F angulum
) B A C bifecabit. ,
. B. Ve ¢\ NamAD.=AE,
ofr.  &latus A F communeelt, &baf. D Fe=—=FE.
dergoang. DAF—EAF. Q.E.F. ..

Coroll,

Hinc patet quomodo angulus fecari peffitin
equales partes 4, 8,16, &c. Singulos pimirum
partes iterum bifecando. o

Methodus vero regula & circino angulos fe-
candi in zquales quotcunqug ]Tz&enus, Geome--
traslatuit. | PRI N S

RN

PR CRA ,X., )

Datam yelkam lineam
© . ABbifariam fecare.

Super data, A,B s fac
triang. zquilat. A B C.
ejus angulum C b bifeca
retaCD. Eadem datam
A B bifecabit. ’

. : . Nam A C¢:= BC,

- &latus CD eft commune; &ang. AGDc=

L BCD, 4ergo AD—=BD. Q. E. F. Praxm

" hujus & praecedentis, confiruttio prima hujus
1ibri fatis indicat, , :

PROER

AN




Liber I. 18
Pror XL -
& ’ Data. yefla linea
: AB) o punlo inea
data C ,'rettans lineam
CF ‘ed angslos reflos

excitare.’

s Accipe hincinde 4,

. LD == CE. Super,”
AD C _t RDEb fac uiany, aé-b
quilat. D F E. Du&a E C perpendiculatiset, ©° &'

" NamtriangulaDFC, EF C fibimutuoe 2. condr.

» quilaterafunt. 4 ergo ang, DCF = ECF. 44,1,
© eergoF C perpendiculariseft. Q. E. F. © eto.def; i
“ Praxis tam hujus > quam fequeatis expedirur - i
*  fadllimeope norma. g ' |
I Proer XIIL . . E
) & - C Super datam !
p veitam lineam iri- ' ’Al
X finitam A B3 ds- |
. 1o punide C quod
- - ir:;; no;i_ eft, per-
\ pendicularem  ye-
R EN_E ~F B CG dedr-

: cere. .
Centro C g defcribe circutum , qui fecer da-

2 3.poft.
tam A Bin punltis E&F b bifecaEF in G. dg- b1e.x.
- &aC G perpendicularis eft. S
" _Ducantur enim CE, CF. Trianguhh EGC,
¥ G €, fibi mutuo ¢ zquilatera funt. dergoan- R
gliEG C,F G C,; xquales, &eproinderedi gy y,
“funt. Q.EF. - o xto.defs

PRop XIIL
cum velba linea AB, fuperre~
fam lineam C D confifténs,facit .
anguios AB C 5 ABDjaut duos -
yetbos 5 ant duobus veltis aquales
efficier. '

8i .
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rodd: .

Ir. 1.
19.4x,
3.8%.
LedX,

EVCLIDIS Elementorum .

refos effe 3 {in inequales fint ; ex B b excitetur
perpendicularis B E. Quoniam ang, ABC =
Reét.—+ ABE; & ang.ABD 4 — Reé. — ABE;
erit ABC— ABD ¢== 2 Relt.~ ABE — ABE.
=<2 Reft. Q. E. D. IR
: “Loroll, ’ .
1. Hinc» fi unus ang, A'B D réQus fic, alter

. A B C etiam rectus erit ; fi hic acutus, ille obtu-

fus erit, & contra. : .
2. Si plures ret=- quant upa ad jdem pun-

" &tum eidem re@tz infiftant » anguli fient duobus
- reftis equales. -

. 3. Dua reflze invicem fecantes efficiunt angu-
los quatuor re&is zquales, o
4. Omnes angyli circa unum pun&tum con-

i flituti conficiunt quatuor re@os. patet ex Co-

roll.2. '

P-R.O B XIV.
A Si ad aliguam vetam lineams.

: . A B, atque od wjus punitam B
. .. ydue rete linee CB > BD non ad
. Eea[dem partes dufte 5 eos g:iu

—~funt deinceps angulos ABC,

¢ B O A B D duobus vetis equales fece-

vint , in diveflym evunt inter fe ipfe vefte linee

7P
wex,

A%y

CB;BD. .
Si negas, facignt C.B; B E unam re&tam. ergo

‘ang.A B C - ABEs==2 Reft. b= ABC —+
ABD.cQuod Elt abfurdum.
' b

ROP XV :
i due vetfe linece AB, CD

o muto fecherint 5 angulos &
{)mic'em CEB,AED ¢qqa{e:
B inter fe efficient. £C - CEB

ang.
aﬁi“;{eé_{}: AEC ~*

- E.F.
AED, pEgoCEB=AED- QP70

\

$i anguli ABC, ABD pares fint s liquet illos

4

Pac = S s

by

b




e ot 5i ad aliquam re@am lineam G H , atque ad
T4 ejus pun@um, A duz reftz linex E A,AF non
jempu - 2d cafdem partes fumptae angulos ad verticem
cduobs | D> & B 2quales fecerunt , ipf recte linex E'A,
: . AFindireQum (b invicem'epunt. ]
ot 202 Nam2Re&. =D +As—=B Y Abergoatis.
. i EA, AF funt in diretum fibi invicem. Q.E. B. b 144
Schol. 2,

- 8i quatuor reéte ljnea
E A) E B, E C’ EDabuno
punélo E exeuntes, angulos
oppofitos ad verticem ®qua-
les inter fe fecerint,, erunt
_quelibet duz linez AE,’
s gis E B, & C E, ED in diteGum pofitz. o ’
3¢, Namquiaang AEC —+ AED — CEB &
m[ﬂ fl“' ’ D E 24: 4 R.C&. ert A E C"+' A ED b : 4 C.ydi‘
'ﬂl Jinte ! QEB -+ DEB =2 Re&- ¢ el'gO CED) & AEB 2'};‘v &

funt re@tz linex. Q. E. D.

ol v Ny
wnltsm B
\paondd

i . €14t
N " Propr XVL T" !
C - N i Cugufcunque Tryianguli
BT A ABC {mn?m" B C%m-
t dufte , externus angulus
, €D i A C D utroliber interno &
s eppofizoC A B, CB A,ma-
,qaale: B jor eft. ‘ e )
et Latera AC, BCubi- s10.1.86 -
SEB AN W fecg;t rc&ﬁ %t ‘Hb’ B li , & vrk
el 4 uibus predudtis b i
, tE » q:nnp,b:&-m;zﬂi bt
chate Eonjugantuxque ¥FC,I. B Quo-

.



E. D

18 " EVCLIDTS Elementoram

Quoniam CEc—EA, &EFc— EB;&
ang. F E C4= BEA; eerit ang. ECF = EAB.
Simili argamento aag. ICH (fFCD) — ABH.
ergo totus ACD g major eft utrovis CAB, &
ABC. QE.D. S E

PrRor XVII'.
i Cujufcangue  iriangauli

2 ABC ]djx-m anuli dunfbnr

reitis funt minores , omni-

Saviam [umpii.
Producatur latus B C.
B [ D’ uoniam ang. ACD -+

—— ACBas— 3 Relt. & ang
{ACDb—A, cerit A + ACB_02 Ret. Eo-
dem modo erit ang. B =~ ACB .3 2 Reét. De-
nique producto latere A B, erit fimiliter ang.
A 4B _72Re&t. Quz E.D. ‘
' Coroll. )
. 1.-Hinc, in omnitriangulo , cujus unusan-
gulus fuerit retus , vel oftufus > feliqui acuti
funt. ‘ - ’
A * 2. Silinea re®ta A E cum alia refta C D an-
gulos in@quales faciat ; unum AED acurum , &
"] alterum A E C obtufum , linea perpendicularis
A ex quovis €jus pun@®o A ad aliam illam
~ ‘CD'demifla , cadet ad partes anguli acuti AED.
** Nam fi AC ad partes anguli obtufi duta,di-
catur perpendicularis;in triangulo AEC erit ang.
 'AEC—+ ACEC—2Re®.%Q.F.N. .
3. 0mnes an%uli trianguli 2quilateri , & duo
‘anguli trianguli Ifofcelis,fupra bafim, acuti funt.
oy P roP XVIIL -
S omnis trianguli A BC

angulum ABC fubtendit. .
Ex A Coaufec AD —
CAB, &juage DB. bergo

ang ADB=ABD- sed

ADB

T majuy latus A C majorem.




m

T 19
EBAT ADB—c, erge ABD — ¢, dergo topys
— EAb ahg, ABC

s, Ci8, v,
& 6 Eodem modo erie ARG o ¢ por
-ABH. | -E. D, : )
hﬁf& Probr xix -
B , Omnis trianguli A B Cma.
Jor angulus A Majors laep;
gl | C fubtendittgr. X
duht ' am fi dxc;tur AB —
- 4 eritang. A — C. con. N7
‘mf A N Hypoth.g&ﬁ AB—*$
B0l BC,pen ang. € A, contrg hyp. quare poti- o o
D+ UBC4ap, & ¢edem modo B Ccac
'y QED -
ke Pros xx .
Dot ’ Omnis ianguli A g C |
g duo latery AsA¢ teliguo ‘
i BC fun majora guomod,.
" “Hnque fumprq
. A produg; 4 N LT
cuti CAD— C, ucD C. !
: o bergy ang. D — ACD. be.y, !
e cergototusBCD L*Ddergo BD(,BA-'. €9 ax, !
;. A0CBC Qrp e
de Pror xxp ve T
m A. 'Si Juper 'xrianguli ABC )
. 450 latere BC ;. o Xt remitay;. "
i ) £ b e 168t finee BD, ¢ D, 5‘
- inteyiys (gnﬂm:m Suerint | e ‘
A conflityre religujs Miappuli 4. g
olmr'quéri sBA, ¢ Avpring. ' ‘g
o B Cres quidems bpypse > Majeren qe. : ,
 T0anguly,, BDC COntinebyne, .. ' S
: Dm @tur BD i E_of f

R

e Il

- QE.D. ,. Ang, BDC¢¢ y :l
DECe—y e%o:mg,- BDCZ A QE D. ¢y, !

B 1 PRrRoOP "N
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poft.

g vdtf.
ax,

EVCLIDIS Elementorum
Pror XXIL

Ex tvibas reftis lineis FK;, F G, GK, que
fint tyibus datis veilis lineis A, B, C, wquales 3
triangulum F K G conflituere. Oportet autem duas
reliqua effe magores omnifariam fumptas ; quoniam
uninfcujufque trianguli duo latera omnifarian
Jumpta veliguo funt majora.

Exinfinita DE 4 flume DF ,FG, GH datis

A, B, C ordine zquales. Tum fi b centris ¥ , &
G iatervallis F D, & G H ducantur. circuli fe
interfecaates in K ; jundlis re@tis K F, K G con-
ftituetur triangulum F K G, ¢ cujus latera F K,

F Gy GK tribus DF, F G, G H, 2id eft tribus
datis A, B, C ®quantur. Q. E. F.

Propr XXIIL

Ad - datam re-
" &am lineam AB>
datumque in d

v

».P A

' . punitum A , dato’

, : angulo veftilineo D
Cl FG/ . “v:qualeangulum re-

—E\ / B Hilineum A P
Fituere. | o , .
o Duc re@am C F fecantem dati-anguli fatera
utcunque. b, Fac AG= CD. Super AG < o8-
fitue triangulum alteri C D F ®quilaterum: "'l:




\- Liber 1. 1
. wtAH=—DF, & GH=CF; & habebis ang.
Ad=D.QEF. , LA L

;
1 Pren xxIV.
| .

b

e ' B ¢
16
o, Bp2
pidh Si duo triangula ABC ., D E ¥ duo latera A B,
o A C duobus lateribus DE, DF ¢qualia habuc-
o rint , utrhmque utrique 5 angulum vero A angulo
dats EDF majorem [ub equalibus veftis lineis conten-
& tum; ¢ bafim BC, baff EF, majorem habebunt,
oife aFiarang. EDG== A, & DGo==DFc == assn
con AC, counezl:anturque EG,FG. : 2" "'
114 L Cif. SIEG cadit fupraEF. Quja AB dz;;.

ihus ¢==DE, & A C'== ¢ DG,& ang. A ¢ = EDG, § *"fr.
, feritBC==EG. Quia vero DFe=— DG, 'i.'-'.
‘& eritang, DFG = DGF. b ergo ang. DBG —— 19 -
EGF : 4 & proinde ang. EFG T~ EGF. g quare e
EG(BC)c—EF.QED. -
2. Caf. SibafisE ¥ bali EG coincidat; 2li- 14 oy
quetEG{(BC)—EF. .
3. Sin EG Cadac infra EF. noniam
. DG+ GEmr—DF = F E, fi hincinde au- mu.
ferantur D G, DF , zquales ; manet EG (B C)
s EF.QED. oo "

b

— w o=

§. 4%

ng.‘ I’KO}-

7/
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EVCLIDIS Elementoruim

Proer XXV. '

. Siduo trianguly.

A D ABC,DEFdw

latera AB, AC

duobus  lateribus

D E , DF equalid

’ babuerint 5 utriwds

8 3 E. - Fntrique s bafim ve*

70 BC baff EF majorem ; © angulum A fu(ll equa-
libus reélis lineis contentwm angulo D majorem

babebunt. ' '

Nam fi dicatur ang. A = D. eeritbafisBC

= E F; contra Hyp. Sin dicaturang. A_2D;

berit BC_ZE F, ctiam .contra Hyp. ergo BC

——EF.Q.E.D. .

PrRor XXVI
A D
' H

B (4 1%

Siduo téiangula BAC E DG, duos angules
B, C. duobus angulis E; D G E, equales babuc-
rint, utramque utvique , unumque latus uni latets
equale; [foe quod aqualibus adfacet angulis> [e#
quod uni equalium angularum [ubtenditur : religns
Lasera veliquis lateribus equalia , utramque uiriq#>

. & reliqguum angulum veliquo angulo equaler ba-

bebunt.
1. Hyp. SitBC=— EG. DicoBA=—ED » &
AC =DG: & ang. A = EDG. Nam fi dicatur

ED BA, ¢ fiat EH = BA, ducaturque GH.

Qx_onlam
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ofim ot

b eque
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Liber 1, - 23
Quoniam A s— E2&BCe—pg o e
ng.Be—g, erit I EGHa— Ce=pg E. d4%
FQE. A, o AB=E p. Eodem modq AC f;’.’x ‘
=DgG. 4 quare etjap, MEA=EDG iy

- Dico BC =EG;&
ang. A= EDg. Nam f; dicatyr
EGc—BG flae ] — BC, & conne@atyy ) §
Quia ABgCED,& BCh =EI, ang Bg—pg, ;’P-
erit ang, Ele: Cnm = EGD. 2Q.E A y
egoBC=Egg CIgo Utpriys , A C=

G. Q.E.D.

nDaG, k)
n.l . 1o

PRro P XXvir

St in-'dqa: reflas fine.

B ¢ AB, ¢p Yefa incy.
A & 9ens lineg | F alternatip,
< angulss A £ F > -
qhales ingey Je feceri > pa
Yallele epyyy ey foille vegte linee AR, ¢ D,

SiAB, gficantur 108 efle parallele ;
Convenjap, Produ@tz hempe in G quo pofito
an_gulu; Externus AE F interno  F 4major 4,
€rteui tamen Poaityr Zqualis.Qua tepugnany,

. Rop XXviiy, o o

-Siin duqs veltas

line-
s AB, reffa jng;
ens linea ER eXternyy,

ut in}trno: & ad ezfder; partes AG g s

CHG 4, 4s rellis equales ; paralle/e EYUnBL ingey
€ipfer

e lines AB,CD. .
L Hyp, Quia per byp. ang. AGE — CHG
e

S etit aftern, BG

3 ' . T
=CHG.» parallele igitur :,’;.'-.
*fmeapcp, Q.E.D. : s

B

3GH. Ergoc AR, ¢

2. Quizen ilyia.Ang.'AGvH ~+CHG—,
2 Red. a—

B ” I.'.’:'
AGH4 3 GH,beritCHG — b3

s
.E.D. 7.1
D para!lclét‘}funr. %R or. c
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83, 42,

13. 5,
13.4»,
5. 1.

19. ¥.
-

QE.D.

EVCLIDIS Elementorum
Pror XXIX

. In parallelas relas b-
neas A B, C D, refta imci-
Bdens linea E F, & alter-
pratim_avgulos DHG,,
A G H equales inter fe ef-
ficit ; & externumB G E

‘G~
FH

interna, & oppofite , & ad eafdem partes DHE «- .

gualem 5 & internos & ad eafdem partes A G H;
C H G dnobus reltis equales facit.

Liquet A G H, 3 C H G = 2 Refl. ¢ alias
AB, CD nonefent parallelz , concra hyp. Sed

- & ang. DHG -+ CHG b== 2 Re&. ergo DHG

¢=AGHI{=BGE. QE.D.

T T Coroll.

B‘ . o c Hinc omne
. . g *~ Parallelogram-

bens unum&an'

dlum  reftum
A D ,gA » eft re@an-
) . — gulum.

Nam A —+ Bs=— 2 Re&. ergo cum A re-
&us fit, b etiam B reclus erit. Eodem argumeanta
D, & Credi fune.

Pro? XXX |

0s<(A B, CD) cidem
B relie linee E F paralle-

le 5 & inter fé funt paralle-
Fle :
D  TresyeQas fecet utcun:

que refta GI. Quoniam
. A B, EF parallel= funt,
s erit ang. AGI — EHI, Item propter CD, EF
psralielas; ¢ erit ang. EHI — DIG. b ergo ang.
AGIL = D I G.c quare AB, CD parallelz funt.

A
E
c

i

_l'norf.

mum A C ha-




B

Liber 1. 3y
Propr XXXIL'

A

o
S
re@am utcunque AD.ad quam,ejufque punftum ayy, o,

Asfacang D AE= ADEC. berunt AE, BCban.s.
parallclx.Q‘._E. E )

Pa
CA

Proebr

A CB dusbus funt reftis K
* Per Coduc CE parall. B A. Ang. Ab== s31 1,
ACE. & ang. B6==ECD. ergo A~ Be=—= 2!9‘ '
ACE +ECD4=ACD/QE.D. Pono d'gom.
ACD —+ ACBe= 2 Reél. fergo A=+ B = £33 .
ACB=12 Re® QE.D. ‘ Lo
‘ Corollayia. - :
1. Tres fimul anguli cujufvis trianguli 2qua-
les funt tribus fimul cujufcunque alterius. Unde
2. Siin uno triangulo duo angali (aut fin-
guli,aut fimul)zquales fint duobus angulis (aut
fingulis, aut fimul) in altero triangulosetiam te- -
liquus reliquo @qualis eft. Ttem , fi duo trian-
ula unum angulum uni 2qualem habeant , re-
. hquorum fumme Zquantur. :
3. Intriangulo fi unus angulus reétus fit, re-
liqui unum reftum conficiunt. Item, angulus,
© * qui duobus reliquis ®quatur, reftus eft. .
. 4 Cum in Yfofcele angulus ®quis cruribus
contentus retus e

1efli,

&; 1€

A dato puntte A date V

velte linee B € ducere

yallelom veftam lineams
B ‘
Ex A ad datam BC duc

XXXIT.

Cufufeungne  trian-
guli ABC ano latere
B C produido , externus
angulus A CD duobus
iﬁmﬂi‘;&d}lpﬂﬁ“’f)A B
eft equalis. Et rrianguli
tres-inrerhi angnli , A,B,
aguales.

liqui ad bafim funt femi~ -

¢. Tri-



26 . "BVCLIDIS FElementorum
) s. Trianguli zequilateri. angulus facit. duas
tertias unius rei, Bam,. 2 Reﬁ'. — 2 Red. :
. ) 'St/’ql.. - ikl
Hujus propofitionis beneficio, cujuflibet figu-
rz reftilinez cam interni quam externi anguli
quot refos conficiant , innotefcet per duo fe-
quentiatheoremata. . . . - - .
THEOREM .4 I

S X ' §
Omnes fimul anguli cujufcunque fignre velili- 1’

nee conficiunt bis tor veffos dempiss quatuor h
quot funt latera figure. . . .
Ex quovis pun@o intra figuram ducantur ad B,

omnes figure angulos reftz, quz figuram refol- iy
vent in tot triangula uot habet Intera. %gar’e
cum fingula triangula conficiant duos reftos,

- omnia fimul conficient bis tot reftosr, quot funt
latera. Sed anguli circa dictum pun@um confi~ A
ciunt quatsor reos. Ergo, fi ab omnium triap- |

+ gulorum angulis demas angulos circa id pun- {

um, anguli reliqui qui componunt angilos fi- -
gura conficient bis tot reftos demptis quatuor , rz“
quot funt latera figur2. Q. E. D. e

Hinc coroll. Omnes ejufdem fpeciei reilinez - (
figurz zquales habent angulorum fummas. I:?g
THEOREMA 2~ |y

Omues fimul externi anguli <ujufiungue figure , i<
reélilinee conficiunt quainor refbos. ! : &y

Nam finguli figurz interni ’ané%uli cum fig~ &
gulis externis conficunt duos reftos. Ergoio-
terai :




e A ——— e ——

¢

R

Liber I,

terni fimul omnes, cum omnihusfimul externis

27.

. conficiunt bis tot reftos, quot funt latera figurz.

Sed(ut modo oftenfum eit, Yinterni fimul omnes

. etiam cum quatuor redtis efficiunt bis tot reftos,
- quot funt latera figurz. Ergo externi anguli

quatuor reflis zquantar. Q:E.D..
‘corall. Omnes cujufcunque fpecier retili.

nex figure quales habent externorum angulo-
rum {fummas. )

PR o XXXIL -

*

Ar ) Refte line AC , BD,
J que aequales & parailelas li-
e prees AB, CDadpaytes eaf~

L dem conjungunt 5 & ipfe &~
quales ac parailele funt. i

Connedtatur C B. Quoniam ob AB, CD
parallelas. ang. ABC ¢==BCD , & per hyp. ABasg 1.
== CD, &latus CB commune eft , berit AC = 4%,
BD; b & ang. ACB=DB C.c'ergoAC, BD
etiam parallele funt. Q, E. D.

Pror XXXI1vV.
A B Parallegrammorum [pd-
. tiorum ABDC equalia funt
¢ inter fe qua ex adqmr[o late-
Dr2aAB,CD;acAC,BD;
anguligue A, D, & ABD, ACD; ¢ illa bifaviam
fecat diametes C B. - . . .
Quoniam AB , CD'sparallelz funt , berit | "
ang. ABC — BCD. Itemob AC,DBspatal- p3g.t.
lelas, berit ang. ACB== CBD. ¢ ergo toti an- ¢>-**
%AulixA €D, ABD zquantur.  Similiter ang.
= D. Porro, cum communi lateri €B adja-

\_‘ 'ceantnnguliA BC’ACB) iPﬁSBCD: CBD

pares d, erant AC == BD,d & AB == CD. adeo- 4,6.1.
‘que etiam triang. ABC = CBD. Q@ E-D.



28 ‘EVCLIDIS Elementorum
' .S CcHOL o
Omne quadrilaterium A B D C habens latera ope
pofita equalia; eft pavallelogrammum.

+% . AB,C D panllelz funt. Eadem ratione ang
BCA — CBD; aquare A C, BD etiam -paralle:
‘defx. 1 funt. & Ergo ABDC eit parallelogrammum.

Q.E. D.
A E .\ ., peditus per

Hinc ex--

B datum pan- |
) (= Gum C da |
tz reGzAB

C D ducetur pa-
S - ~~rallela CD.
Sumein A B quodvis punftum E. centris E.
& C ad quodvis tatervallum  duc ®quales circu-
los EF, C D. centro vero F; fpatio E C duc cit-
culum FD , quipriorem € D fecerin D. Ent
du&ta C D parall. A B. Nam ut modo demon*
ftratum eft, C E E D eft parallelogrammum.

P rRopr. XXXV
: . . Parallelogramma
’ A DE -3 BCDA';, BCFE f#
G per eadem baff BC
& in eifdem pavalle-
lis AF,BC conflitu-

v 3 ra ‘ “ta 5 inter fefunt «-
{ qualia.
yu Nam ADs—=B Cs— EF. adde commu-

ox. nem DE, b etit AE — DF. Sed & AB+— DC;
b &ang. Ac=CDF. dergo triang, ABE=
«x. D CF. aufet commune DG E | ¢ eric Trapez.

bld ABGD = EGCF. adde commune BGC, ferip -

Pgr. ABCD == EBCF, Q.E.D. Reliquorum
cafuum non diffimilis , fed implicior & facilior
eft demonftratio. '

Scho-

Nam per 8. 1. ang. ABC =B CD. sergo ‘




NS e

Liber I.
Scholium.

‘ Si latus A B parallelo-
A grammi re@anguliABCD
[ ferri intelligatur  perpendi-
culariter per totam B C, aut
B Cpertotani A B, produ-
cetur eo motu area reltan-
galiAB CD. Hinc reftane
gulom fieqi dicitur ex dufta
7 fen muliplicatione duorbim
3 - laterum, - contiguorum. “Sit .
.BCpedium 3, AB'q.. Duc 3 in4;

proveniunt 12 pedes quadrati pro area reétan-
guli.

29

B
exempl. gr

Hoc fuppofito,ex hoc theoremate cujufcung;

parallelogrammi (* EBCF) habetur dimenfio. o el

Iilius entm area producitur ex altitudine B A ol "T
duftainbafim® C. Nam area reftanguli AC
paraliclogrammo EB C T ®qualis, fitexB A in
B C. ergo, &e.

Pror XXXVIL

A D . B ' p  Paralelogram-

- me B CDA,

GHF Eb fuper «-

qualibus bafibusBC,

B C. G Fou, oirefim
paralielis AF BH conflituta, inter fe fant equalia.

Ducantur BE, CF. QuiaBQs==GHb—=sbp.
BV, cerit BCEE paralielogrammum. ergo Pyr. :’,t';,.
BCDA4== BCFE4GHFE Q ED. . diw
. . Pror XXXVIL

Triangula BCA,
B.G D fuper eaden ”
- baff  BC conflituta o
v in eifdem paral-
Jiis B C, B E inier
3¢ funt aqualid « Duc




, . EVCLIDIS Elementorum

sDuc BEparall. CA, s& CF parall. BD.
Brit triang. BCA b =1TPgr. BCAE =}

¢ pDFCh—BCD. Q.ED.
PRob XXXVIIL.

¢ D R Triengua BCA,
G * EFD fuper equa-
libus bafibus B C
EF conftituta, &

- . GH, BE,interfe
B CE F fin equalia.
Duc BG parall. CA. & FH parall. ED.
2, eric triang. BCA a—=_Per. BCAG =1
¢  EPHF¢=EFD. QE.D.

Schol.

L

SibafisB C E F, liquéttring BA C
EDF. & iBC D EF,erit BAC_SEDF.. ]

PRrROP XXXIX.

" Triangula eque-
~ Iid BC”gA’ BCD)
" fuper eadam bafi
BC, & ad eafidem
partes  conflituta
etiam in  eifdem
Junt parallelis AD,

BC. .
" Si negas, fit altera A F parall. B C; & ducdtur
7.0, CF.ergoAuiang.CBFa;cBAb::CBD..

! eQJ

PROP

in eifdem parallelis

4




Triangula equa-
“liaBCA,EFD
fuper equalibus ba-
 fibusBC,EF, ¢
3 " ad cafdem partes

B

eifdem ﬁmr_famlleli; A® ,‘B E

conflituta 5 & in -

Si negas, fir altera AH parall. BF. & ducatur 1t ’
F H. ergo triang. E FHa==BCA p = EFD. c:{{;,

¢Q.E.A. oo

' Proe XEL Y
p U oS parall'élégrdmmum

‘ A EABCDum triangulo

BCE eandein bafim
: . BC habuerit , in eif-

1 Tt demaque fuerit parallelis
B €. AE,BC, duplum erit

‘ fdrallelogrammum ARCD ipfius trianguli BCE.

Ducatur AC. Triang, BCAs ==BCE. ergo iy, x;
Do ABCD b == 2BCAc¢==2 BCE. Q.E.D. 2&4":‘

Scholium. - :

Hinc habetur area cujqfcuncf; tiiénguli BCE.
am cam area_paralleloglammi ABCD produ-

 catur ex altitudine inbafim dy@a 5 producetur

area trianguli ex dimidia altitudine in bafim du~

€ta, velex dimidia bafi in altitudinem. ut fi ba-
6sBCfit8, & altitudoy; erit wiangui BCE
area, 28. .

~ PROP.

P
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18.1,
4%. &

41

. ax,

EVCLIDIS Elementorum
;P Rop XLIIL

A ' F .qg

A

B E € D

- Dato triangnlo A B C equale paiallelogrammunt i

E C G F conflitnere in dato angulo reétilineo D.
Per Aaduc AGparall. BC. b facangBC G

== D. bafim B C ¢ bifeca in E. a duc EF parall.

Q G Dico faftum. . A
Nam duta A E. erit ex confir. ang. EC G

=D, &triang. BAC4—=2AEC e=DPgr

ECGF. QEF. o -

v

PRoOP XLIIL

. ] _In omni parallelo- -
A E B ammo ABCD-com--

- m ﬁemenm DG, S'B
eorum qua circa dia-
H I
D

. J metrum AC funt par-
L c allelogrammorum HE,
F F1I inter fo funst a-

alia.

. Nam Triang, A4 C D, =« 4CB. & triang.

AGHs = 4GE. & triang. GCF,=—GCL

bergoPgr. DG =G B..Q.E. D.

1
3

E
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Liber 1. 33
Propr XLIV.
- o._E I

A K
Ad datam.reltam lineam A | dato triangnlo B »
equale parallelogrammum EL applicare in dato an-
gulo vettilineg C. R

¢ Fac Pgr. FD = triang. B, itautang. GFE g .1,

== C. &pone lateri G F in dire@um F H = A,
PerH b duc ILparall. EF; cui occurrat DEbjua,
produtaadl. per 1 F duftz re@t= occurrat D G
prottata ad K. PexK e duc KL parall. GH;;
cui occurrant E ¥, & 1 Hprolongate adM, &
L EritFL. I'EgL. quafitum.

il ot et b T P
Proer XLYV.
G HL
T
Fom

Al datam’veitam Lineam B G daro veBilineo
ABCD equale parallelogrammuis ¥ L conflisnere,

. Jndao angulo yeltilineo E. -

Datum re@ilineum refolve" in ‘ttiapgula
BAD, BCD. == Fac Pgr. FH == BADtaut ..
g F==E. produfta F I s fac (:d HI) RE-

. C -



"EVCLIDIS i-:lemen,ga-rum _
g.ar. IL==BCD. ¢rit Pgr. FL=p FH—+ IL ¢ =

mt.  ABCD. QE.F..
: . Schol.

c_.H F

- D ¢ E

Hinc facile invenitur excelus HE, quo re@i-’
lineum aliquod A fuperat re@ilineum minus B ;
nimirum f:‘ ad quamvis ream €D applicentur
Por. DF=A.&DH=B. ;

PrRor XLVL

: B C A data vetta l-
: nei AD quadre
tum A C d"ﬁ’f"
_ o ‘ B ere. -
13. %, . ) \ s Erige duas Pgt.
Sty TR L pendiculares A B
RN DC b =quales
A ' ’ datzx AD ; &
IT—— 'D junge B C. dico
. faGum.
onfhr. Cum enidi'ang. .A -+ D ¢ == 2 Rel. derunt

f.s_,.),',', AB; DC pasalfelz.. Sunt vero etiam ¢ zqualess |

¢%  fergo A D, B C parks etiam funt , & parallele.

. ergo Figura AC eft parallelogramma ; & zqui- -
ba9.t. latera. Anpuli quoque omnes redti funt, g quont

¢ A

2. am \;;u;:s Aeft re@us. »ergo AC eft quadratum-

" Eodem mniodo facile defcribes retangulumi s

- quodfub datis duabus re@is contineacur. |

P

K

oy

4

1

4

B B o,y g nen e 2y




_ oinier AL

‘ | Liber I.

‘

T roe XLVIL

gulis  mian-
gulis BAC

BE, 3
\ latere qu Cc
T relbum angie
¢  imm BAC
U Jubtendenge
. defmbitur 3.
aquale oft
éis , BG,
lateribus ABy
D ME AC riftum

iy

In relban< -

quadratnig

Aangulum continentibus. deferibuniiyr, o

" Tunge AE, AD; & duc AM. parall. CE.

Quoniam ang. DBC ¢ == FBA ; adde com~ & 1n.ex,

munem ABC ;ent ang.‘ ABD=FBC. Sed &
AB 4 =FB , &BD

- = BC. cérgo trian . bagiefl
ABD==FBC.atqui Pgr. BM.i== 2 ABD 3 & 3%’y
~ Tgr. BG =2 FBC (nam GAC eft una relactes

perhyp. & 14. x.)¢ ergo Por. BM==BG. Si~
mili difcurfu Per. CM == CH. Totum

: igitoF
BE=BG+CH.QED. - .
. sbolc. - L a

. Hog nobilifimum., & utili

oo, & wiifini s
ab inventore Pythagora, Pythagoticum diki me-

ruit. Ejusbeoeficio quadratoru

additio »
fubftraftio perficitur’

t | 5 quo fpeantduo fqﬂ“‘v
* taproblerata. '

6z  RROBL,

Se
| ]



36 - EVCLIDIS Elementorum

.PROBL 1. - ‘
z ]

rTug ... " Datis quotcungue qus-
"B - dratis , unum omnibys €~ |

quale conflruere. "
% Dentur quadrata tria,
A7 quorum latera fint A B,
1 . E s BC, CE. sFac ang. re-
' g g &um¥F B Z infinita ha
- ' 1€ bentem latera, in eaque

’

C 3| transferBA, & BC, &
"AB - ' junge AC, berit ACq
TR == A Bq —+B Cq. Tum
Fk_'ﬁ-_J'BA C trapsfer ex BinX;

- » & C E tertium latus da- l

tum transfer ex BinE , & junge E X , berit .

ax, EXq = EBq (CEq) +BXq(ACq)¢c—=CEq i}
.t ABq~+BCq. Q.E.F. ) A

PROBL a E i

E " Datis duabus reftis in~
equalibus A B, B C,ex-

hibere quadyatum , qHo

quadratum magoris AB ‘

X excedit  quadratum mi~ 'l |

AT R ¢  #noris BC. { n
- Centro B intervallo BA defcribe circulum.'ex

C erige perpendicularem C E occurrentem pe- 4

. Eiphenz in E. & ducatur BE. 4Eri§; B Eq
. (BAq) =BCq-+ CEq.bergoBAq —BCq=— {
CB QL EF. ¢ BN [




[ - Ziber I,

37
Prosr z, 3
Notis  dyopye quibu-
it L riggnt
Ko eBanguli A B C > relia
g ¢ UM inyens,
.t atera r, 2~
tryy I ambien,;, finca g P
A B, 8 AB, hoc ¢, Pedum, ;
32 Hud g, €120 cupy Acg Qe
b + ABg 64 - 36
e ~loo=p Cq. erit B
8| =¥ 1oo= g
ucﬂf . %2 fint deinde Ia-
! . €taAB,. &5 hoc 1o, *
;;; pedun:, ;"116 186 cum 3 Cq ~ ABy— o ;
il ’:008. 36=¢, =ACq o Acq:\x{g S
| - B ~
PRor xLyyy 5
! ghadrasym 940d ab yyo
"B G 1y gnli dg(}ﬁbi* .
, quale fir o5 Ue g refi-
. Y Hiangul; [aseq; us A B |
) tfcribuntyy quadratis -
: BAcC Omprebenfys -;
. i ¢

YANgHLE lateripy, s

Da¢ ad AQ pe endicylare b
junge C D, PP e

A:AB,&.
M CDgsap FAC) = g, .
i ACq:BCq. *erao%D:l;lC. ergotgan-:%d:ﬁq-
gula CAp, CAD, fib; i

—

8,
€= Re . QE'D° <&y
Schot. ‘

nde uod CDq. = BCq,
. Hoc vzro manifeftum fict ex
fequent; theoremate,

C; THE-
] Co
B

A U° 2quilatera fuge ; R
b quareany CABb . CAD &
[

| Allumpg mUs ex;
fequi Cligp':

i.




38 EVELIDIS Elementorum

THEOREMJ,

GN_oP__ Q
=
Tk LM

-Linsayum aqualivm A B, C D, equalia funt
quadrate AF s CG 5 & quadratorum equalium
“NK, P M egualia funt lateral K, LM,
" Pro 1 Hyp. Duc diamettos EB, HD. Li-
uet AF == 4 3 trjang. EAB = b2 triang.
%CD:-(}G. Q.E.D » :
¥ 2. Hyp. Sifieripoteft 5 it LM—IK. fac
461 LT—=1K; s fitque LS = LTy. ergo LS
2y b= NKe=LQ4Q.E.A. ergoLM =IK.
9

Coroll.

" Egdem modo qualiBet re&angula iater fe
#quilatera 2qualia oftendentur. g

-
[l
{

- e

n
’{&‘
L
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LIB. IL.
Defnitiones.

A——b

. Mae parallelogtammum seftiny
gulum AB CD continesi di.
¢ citur fub r;%is duabus AB;
A D, qua reftum comprehens
o4 dunt aggulilm. pres
Quandy igitur dicienr “veflangulum fub B A,
A D5 velbrevitatis caufa, veltangulum B A Dy
vel BAxAD, (vel Z Apro Z x A) defignatur
seitanguluns 5 qued continetur fubBA, & A Dad
veltum angulum conflitytis. .

FE___ K

A X :
‘11, Taomni parallelogrammo fpatio FHIK
unumquoddq; corumy qu circa diametrum illius

. funt, parallelogrammorum, cum duobus comple-

mentisGnomon vocetur.#t Per FB <= BT —+ GA
(EHM) eff Gnomon. item Pgr. FB ~+ Bl + EM
(GKA ) eft Guomon. ‘ oo

Ve

C a4, . PROP,



> EVCLIDIS Elememorum

Pror L . !
H_ X G . Sifuerint due relle linee
A B, AF, feceturque ipfa-
vum altera A B in quot-.
Cﬂ”qﬂe ﬁgmmm AD > DE, f‘
: : ER: rveftangulum compre-
A b ED benfum fub i?lis duabus re- - .
is lineis AB, AF 5 equaleefieis 5 quefubin- '
feBasAF, & guolilm egmentorum AD , DE,
E B comprebenduntuy vefbangulis. =~
. - eStatucAF, perpendicularem ad A B.a per
*  Fducinfivitam ¥ G perpendicularem adAF.
«ExD, E, B erige perpendiculares D H, EI,
B G.erit A G rectapgulum fubAF, AB, &
ox1. b eft zquale refangulis A H, D I, E G, hoc eft
" (quiaDH, EX, AFecpares funt) reangu-
lisfubAF,AD;fubAF,DE; fubAF,ES.
Q.E.D. ~ '
: Schol.

Propofitiones decem prim# hujus libri valent
etiam in numeris. Reliquas quilibet tyro exami-

- pet. prohac, it AF6, & AB 12, fe@tusin
AD s, DE3, & EB 4. Eftque 6x12 (A G)
=72, 6x5 (AH) ——30. 6mm3(DI)=18.
denique 6x4 (E G ) = 4. Liquet vero
30~ 18 = 24 == 72. ,

PRoe II

Si vella linea Z
.@fe&d Fr utcunque 5
: B wvellangula , que fub
. jot2 Z , ¢ quoliber
fegmentorum A, E comprebenduntuy s equalis funt
¢i, quod a tara Z fit, quadraro. .
. Dico Z A—~+ Z E—Zq. Nam fume B—=7.
¢« Eftque BA <+ BE==BZ ; hoceft (cb B=2Z)
‘'  ZA- ZE=Zq Q.E.D. ,

Pror :
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| Liber 1L ' 4
Péor. IIL

@ Si refta linea 2 ]'eAﬁ‘a’
‘ [ wtcunque ;5 reflangu-
. E um b m; Z,

: unp sgmm‘tarum E com-
Prebenfum, equale eft li, quod fub fegmentis A, B
comprehenditur, feftangulo 5 & illi qrod & praditto
fegmento B deferibitur; quadrata. .

Dito, ZE==AE+Eq.6 NamEZ==EA + 4, 1.
EE.

Propr IV ’
@ Si vefta linea Z f?—
e fit utcungue ; Opa-
AT g dratum, quadét;u Z

o deferibitur 'y equale oft 5
5”‘ ‘:_1“ gﬂt 4 j?gmeztis z}, > B deferibuntur 5 qua-
TaHS) & & ) quod bis fub fegmentis A, E compre-

b;;«_iimr, re&rz;gula. fo T ?

10 Zq==Aq.~+Eq.2 AE.aNamZA=—A
AE.s & ZE —Eq—+ AE. quum igitur Z Ac‘{:: v .
ZEb=Zq, cent Zq==Aq—+Eq—+2AE. brs.
QE. D. - . C t.ax.

2 ¥ D Alter. Super BB fac
}  quadratum AD > cajus
© diameter E B. per divie

fionis puntum € duc
G y perpendicularem CFj; &

“ per G duc HI parall.
: AB. :
A cB Quoniam ang. EHG=A
reflus eft, & A E B d femireQlus , e erit reliquus d4.Cor3rt
HGE etiam femire&tus. Ergo HE f—= HG g =g &'\
EF ¢ == AC., » proinde HF quadratum eft ret2

s

B

FYR
. AC.eodemmodoC1 e CBi.ergo AG, GD bifari.

teangula funt fub A C, CB. Quare totum -
quadratum A D == A Cq %4~ CBg ~+ 2 ACB.

Q E.D. :

o " Caroll,
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EVCLIDIJIS Elementorum
i ~ Coroll. .
1. Hinc liquet parallelogramma circa diame-
trum quadrati effle quadrata; ‘ ;
2. Irem diametrum cujafvis quadrati ejus 3n-
gulosbifecare, _

. 3.81 A:‘;' Zsert Zq—=4Aq, & Aq :;Zq.

item & contra, fi Zq= 4 Aq.erit A=!Z.

PrRop V.
S ——2&——{y Si vefta lines
A C O A B fecetur in
) equalia AC b
CB , & non equaliz A D> D B, rectangulum [u,
inegualibus fegmentis A D 5 D B comprebenfum,
una cums quadrato 5 quod fit ab intermedia. fettio;
num C D , equale cfi ei y quod & dimidia C B de
Seribitny, quadrate. .
‘DicoCBq— A D B~ C Dg.
{C Bg.

Zquantus )a CDq—+ CDB~ DBg—+ CDB

eaim ifta ) CDq~+ ¢CBD(:ACxBD)~+CDB
- (CDq~+4ADB.

, Scholium. K

ey ) Si A B aliter

¢ ED dividatur , prop-

us fcilicet puntto

bife&tionis, in E; dico AEB — ADB.

~ Nam AEBs— CBq—~CEq.& ADBs—CBq

— CDq. ergo quum CDYE—CEq, erit AEBC™
ADB. Q.E. D, '
Loroll.

Hinc ADq ~+ DBq T~ AEq-+ EBq. Nam
ADg~+DBq~+ 2 ADBb—ABqb—AEq--EBq
-+ 2 AEB. ergo quum 2 AEB— » ADB, enit
ADg~ DBqr— AEq+ EBq. Q. E.D.

- Unde 2. ADq—+DBq —~AEqc —+EBq==2
AEB =2 ADB. : :

' .. Pror

[}

B s = =




" . Liber I, B &
’;j' © © Proe VL ‘

Si reda linea A

: W bifaviam fecetur 5 &

illi velta quepiam li-

' nea Ein diveftum adjiviatur; refbangulum compre-
benfum fub tota cum adjets (fub.A — E)y&r ad- -
fela E 5 una cum quadrato , quod & dimidia 3 A,
equale eft quadrato 3 linea 5 que tum ex dimidia 5
tum ex 4djeﬁuoptfoniturf tanquam abuna ! A —+
E deferipte. :

Dico ';Aq‘(a Q_%A) ~+AE+Eq=Q./A 1443,
+Es Nam'Q_} A=+E =1 Aq+Eq—+AE. o
coroll. . o

, Hincfitres ret2 E, E~+ L A, E-+ A fintin
proportione Arithmetica , re@angulum fub ex~

{  tremis E, E - A conteatum-, Una cum quadez«

-toexceffus * A , ®quale erit quadrato mediz
E-HIA?

k

Pror VIL
. Si veflalinea Z fe.

B T cetur wtckngue 5 Quod
A E amaZ, quodque ab
uno fegmentorum E
wirague fimn! quadrata; equalia funtilli , quod bis
fubsota Z, , & difko fegmenio B cemprebendisur ,
vellanguloy & illi quod & reliquo fegmento A fir,
quadrato. . . S
Dico Zq+Eq=2 ZE~+Aq.Nam Zqs=A
-+ Eq+ 2 AE. & 2 ZE b== 2 Eq. -+ 2 AE. 1 3!1’:-.‘
Coroll. : K

*  Hinc,quadratum differentiee duarum quarume

cumque linearum Z, E, #quale eft quadratis u-

- triufque arinus duplo reGtangulo fub 1pfis. s
" ¢Nam Zg+ Eq~ 2 ZE=—=Aq==Q. Z—E. ¢71.¢ °
LN . N - A P R ° P' 3.“?.
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ax,

. fimal [quadrata s duplicia funt & ejusy quod b di- -

KN
(235
E T

EVCLIDIS Elementorum
PrRopr VIIL -

s Si-velfa linea Z fe-
@ cetur utcungue ; reftan-
A ‘B¢ gulum quater compre-
benfum fub tota Z, & #no fegmentorum E, cum o,
quod & reliquo fegmento A fit 5 quadrato , equale eft
ei, quod a tota Z,¢» difko fegmento E; tanguam ab

una linea Z—~-E deferibitur, quadrate.
Dico 4 ZE+Aq=—=Q. Z—+E.Nam 2 ZE;=
Zq—+Eq— Aq.ergo 4 ZE+Aq 2 Zq+Eq~+2

ZEb—=Q.Z—+E. Q.E.D.

PR opr 1X
Si refta linea

A ¢ D B»AB[cceturint'-

‘ . : qualiz AC, CB,
& non aqualia AD, DB. quadrasa,que ab inequa-
Zibus totius [egmentis AD, DB funt, (fmul duplic
eia funt s &rejus , guod & dimidia A C 5 & ejus)
quod ab intermedia fedionum CD fit , quadvati.
Dico ADg—~+DB == 2 ACy~2 CDq. Nam
ADq—+DBqs—=ACq—+CDq~+ 2ACD~+DB3.
atqui 2 ACD (b2 BCD) —+ DBjc=Cq
(ACq) + GDy.dergo ADg~+DBj—= > ACq
~ 2 CDq. QE.D.
PrRor X
P L, i yeftalinea A fece-
({_\:_/ E  tur bifaviam , adficiatur

aiitems ¢ inyeltum qne-

\ piam linea ; Quod & torad
A cuh adjunfta E & quod ab adjuna E, utrague

midiaz Asdr ¢jus 5 quod X compofica ex dimidia s

e adjunita, tanguam ab ana ! A — E,defcriptum

¢ﬁ, qmdr'ati. .3 ] .
Dico Eq-+Q. A+E,hocelf s Aq-+2 Eq+2

"AE=2 Q. }A~+2 Q. A—+E Nam2Q.; Ap

2 - B
—1Aq.&%2 Q.! A4E —=!Ag+2Eq+2 Al
i . ST aor. -
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PRoOoP XI
£ B Datam veffam li-
’ / o neam A B fecare in
1 ' H.G > &t comprehen-

‘fum Jub tora A By

, ¢ altero fegénmto-
rum B G reQangu-

D E AL.———?Jlnm > equale it %i ,
B guod & religuo feg

o . mento AG fit, quadrato.

Super A B s defcribe quadrarum A C. latus a 46,5
ADbbifecain E. duc EB. ex £ A produfaca- po.4,
pe EF==EB.ad A F s ftatue quadratumA H.

Erit AH—ABxBG. _

Nam protrata HG ad I; Reftang. D H —+-
EAqe—=EFq4—EBqe—=BAq-+EAq. ergo D H flf'w)’,"_
F=BAq d==quad. AC. fubtrahe commune A I; ¢ 4.1,

fremanet quad. AH=GC; did eft AGg—=ABx f3:+*
BG. QE.F.

‘ Scholivm.
Hec Propofitio numeris explicari ' nequit .
* neque enim ullus numerus ia fecari potett, ut #vid6 13,
produdtum ex toto in parcen unam.zquale fit
quadrato partis reliquz. :
PrRopP XIL

In amblygoniis triangulis ABC
quadratum , guod fir i latere
A C angulum obtafym A' B C.
(ubtendente  majus eft quadraris ,
< qne fiunt & lateribus AB, BC
R "7 obtufum anguixm A B C com-

prebendentibus, reftangulo bis comprebenfo , o ab

wno laterum B C , que funt circa obtufum angulum
ABC.inguod s cum pratratbum fueris 5 cadir per-
pendicularis AD, & ab affumpta extevius linea BD

Jib perpendiculari A D prope angalum obtnfum

ABC, :

Dico




46 EVCLIDIS Elementorum

. DicoACq= CBq—+ ABq—+2CB = BD.
. Namiftag ACq. ~
o izqua_lia CDq+~ ADq.
ern . funtin-HH CBg—+2 CBD = BDq+ADq
xS terfe CBq <2 CBD ¢—+ ABq.

- Schol. ,
Hinc , cognitis lateribus svianguli obtufunguli
ABC, facile invenientur tum fegmentum BD insef
perpendicniarem A D, & obtufum angulum ABC
interceptums tam ipfa perpendicularis A D.

Sic; Sit AC 10, AB 7, CB 55 unde ACq 100
"ABq 49.CBq 5. Proinde ABq~+ CBq =74
hunc deme ex 100, manet 26 pro 2 CBD. unde
C B Derit13. hunc divide per C B 5, provenit
23 pro BD. quare AD invenitur per 47. L.

PRrRopP XIIL

In oxygoniis triangulis ABC'

quadrawm & lasere A B angs-
lum acutum A C B fubtendentes
minus eft quadratis , que fiunt.
a1 lateribus A C, C B acusum an-
eutum ACB comprehendenti-
) bus, refbangulo biscomprebenfo ,
& abuno laterum B C , que funt civca acutam an-
gulum ACB, in quod perpendicularis AD cadit, &

ab affumpta inserius linea D C [ubperpendiculari

- A D, prope angulum acutun ACB.
DicoACq =+ BCq== ABq-+2B CD.

. ACq-+BCq.
5.1 Nam zquan- Y ADq—+ D Cq+ B Cq.
- qurifta bADq—=+BDq+2BCD-
7.5 cABq-FzBCDl
Coroll. . .

. Hinc e:iam ongnitis lateribus trianguli A B C,
invenive eft tam fegmentum DC iner perpendicula~
) stewy.

Ut

Wl
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- Liber 17T, 47
tem A Dy & acutum angulum e B C interceptums
quam ipfam pependicularem AB. ,
Sit AB 13, A C 15,B C 14. Detrahe A Bq

'(I69)exACq-“-+Bthoe e ex 224 —+ 196

=421 ; temanet 254 pro : BCD ; unde BCD
erjt 126. hunc divide per BC 14, Eovcnit 9
proD Cunde AD=¢/: 223 i 81 5= 13.

P #O P. X_IV. -

I L B

. B .
Dato rellilineo A equale quadratwm ML in-
wenire. o _

s FacteQarigulum D B == A, cujus majus la- , ¢ .
tus D C produc ad Fyitaut C F == C B. 6 Bi. buv.a.
fecaD Fin G, quo centro ad istetvallum G F
defcribe circulum F H D , producatur C B , dp-

" pec becurrat circumferentiz in H. Eric C Hq=

*ML=A Sy

Ducatur enim G H. Eftque 1};&:‘_ DBc— dg,.:._ &
DCFR=GFg™ GCqezx HCqe==NL . 2V &
QE.F. | i
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LIB IIL .
Definitiones.

77 R Quales circuli. (GABC,
| HDEF)funt,quorum dia-
| merri fune zquales 5 ve
quorum qu ex ceatris
reftz lince GA, HD;
fune &quales.

11. Refta linea A Bcir-
culum F ED tangere dici-

gat, 1 producatur circulum
non fecat.

lumFED.

111 CircuiDAC ABE(itemFB G

A B E) fe mutuo tangere dicuntur, qui fe mutuo
‘ cqtes fefe munio non fecant.
%ql%culus F G fecat circulum FGH. In

R

tur, quz cum circulum tan~ [

Re@a FG fecat circu~




 Liber 1L 9
: F 2K 1V. In ciuls

' B G AR D aqualiter di-
; ftare i centzo. dicuns
- tur relz linez BB

XL, cum perpendic
- M culares GH, GN que
’ 4 gento G in ipfas
i ' C  ducuntur, funt zqua-
D E L les. Longims autem
[ - . abefleilla B C dicitury
X in quam major perpeadicularis G I cadit.
.
!

Y. Seqmemun
circuli (ABC) o -

VI Segmenti aytem ‘angulus (C ABYeft
v qui fub reftalinea CA , & gfulipuiph:?a AW
B comprell:endi:_‘ur. ABG) -
.. V1L Infegmento autem (A B€) angulus
- (ABC)elt, cumin fégmenti peripheria fam-"
ptum fuerit quodpiam punftum B, & ab illoin
terminos reftaejus liosz A C, qua- o
bafis eft, adjundie fuetiot re@z linez A B, C B,
is inquam angulus ABG ab adjunétis illis linels .
A B, CB comprebenfus. B .
VI1IL €um vero comprehendentes 3%
"lun ABC, reizlinex A B, B C sliquant ailve
. myst pecipheriam ADC, illi angalus ABC o
(}Rete ﬁﬁmf. ) ) o SRR O




§0 EVCLIDP1S Elementorum

-' N B - IX. Sefor autem’ circuli
: \, : (ADB) eft , cum ad ipfius cir-
culi ceucrum D conftitutus fu-
- .\eritangulus ADB; compre-
henfa nimirum figura A D B.
& areftis lineisA D, B Darn-
gulum continentibus 5 & dpe
tipheria A B ab illis affumpta.

‘;D\.,;/F

" X. Similia circuli fegmenta (ABC , DEF)
funt ; quz angulos (A B C, D E F) capiunt 2-
quales ; aut in quibus anguli ABC', DEF inter
fe funt ®quales.

s PROPF L o
B Dati tirculi AB C
centrum F réperire.
Duc in circulo re
&am AC utcung;,quam
bifecain E. per E duc
Eerpendicularé DB.hanc

-/ bifecain F.erit F cencru.
< si negas , centrum

- efto G, extra reftam

p DB (namin ga effe non

o . * poteft, cum ubique extra

F dividatur lpzqualiteg). ducanturquz GA,

1. GC,GE. Vis Gcentrum effe ; 4 ergo G A=
G C; &perconfly. A E—E C, latusvero GE _

commune eft; & ergo anguli GEA , GEC pares)

1. & proinde re@i funt. dergo ang. GEC=FEC
© re® e QE. A

R Coroll,

"
gy



+ . detex 31. hujus.

-, gitex centro ad circumferdntiam; br

Liber 118, b2
coroll, .
Hinc , fiincircalo re@a aliqualinea B D ali-
quam ream lineam A C bifariam & ad anguloy
reQos fecer, infecante B D etit centrum.

_ Fatillime per norman invenithy centrisn VRIEe poge g,
Q_ad circumferentiam applicato, Sienim rella .
DE jungenspun&ta D, & E, in quibus nors

ma latera @;‘ QG peripheriam fecant , bifeces . - -

turin A, erit A centrum. Demonftratio pens™ -

PrRoe 1. . -
SiincivenliC AB periphes . -

via dio quelibet punita, A

B accepia fuering , yvela lines

AB; quead ipfs punite ade
z’;:gxtnr s iniva cittuinm <&~

. Accipein re@aA B quods
vis pun@um D 5 & ex centro C'ducC A, C Dy
CB. &quontamC A 4= C B, yexht an% A= i
B.Sedang CD B¢ A; ergoang. CDB L™ | AN
. B. dergo €B £C Diatqui CB tantum g}iﬂm Feied

L €0

_ufquenon pertingit: ¢igo un&ux‘n% eft intra
. circulum. 1demque oftendeéar de quovis dio
punfto refte A B. Totx igitur AB cadit intrd
vmcuhm. Q. E. D. - D = ’ éﬂ"”'

4

§.dafls



£» EVCLIRIS Elewmentorsm
. : . Corgil. _
- - - Pipe , Rea circulym taogens , jtaut epm
“pondecety 18 nhico pundo rangir. o
ProOP IIL
8i in circulo EABC
refta quadam linea BD

~ quandam A C non per
centrum extenfam bifs-
viam feget > (inF) &
ad angulog veftos ipfam
C fecabit ; e fF ad angh-
los vetos eam fecet 5 bi-
D ft;icm quoque ekm fe-
A , cabir. -
. "Bx centro B ducantur EA, E €.
P ifr, auer Dp Quoniam AF ¢ = FC,& EAP=EC,
5,40°% datufque EF commune eft , ¢ erupe anguli EFA,
o ‘j" -EFC pases; & d confequentes rpti. Q.E.D.
el o 3dp. Quonlam ang. BEFA (= EFC,& ang.
6.': EAFf= EC_F hlatuqque EF commune , gefit
o 4F=A FC.Bifelta cft igitur AC. Q. E.D.
A Corgll. . ‘ o
-~ Figgy in lm::&::h quovis quilatero & Ifp-

feelelineasha versicis bifecags afim, ps-
- -gmmu';‘.fg G & coptra perpendiﬁl;h’i‘
ab angulo verticis bifecac bafim. © :

‘ e Pres 1v

Si in cirgwle ACD

D deqretalina AR, CD
[tfe mutng ficent nom PO °
ceatrum, E exenfe > [,

Z:mq bifariamy npn Jeca

7ty
" Nam i una pet cen-
A ) truym

er ceniyum  extenfs .




b Bk frr. - . b2
| trum tranfege > Patet hanc non bifecary 41, altera,
B qua ey hyp. per centryny 1108 ttanfy,
’ i neutra per centrum tranfiy 2 X B centro
; ducEF, Stjam amba A B »CD foresitbitefe
A} inF, mpnli EER, EFD sambg ¢entiodi; &,
«W|  Proinde Fquales, b Q. ¥, A,

ba s
'xfﬂ‘f‘f : B
ap: , Pro p.. V.. .
[bir? '3 -
% dup
i nAc,nbéfef.
s :
o WHIRO fectnt § mom
yis Wit illorum " idens
y’/r pcenivam g, o
i s onim du-.
: X ommyni:
G / Cotro |- reflig,
h E!i_;nb_a,;mu ’
- "B -:E,B--:_:.‘.gfq._.,
I » o EA:.UQE,A. 59,'-.'
‘r' . .I‘ §
" VL .
i duo Nrui R A ¢
BDE, A me pol LR Q
f' in BY eogy CLt
‘ """1"”'“'!”?{»}*. mh
udtis ex e fro, - oo
FB;FDAgve! TR
= PB¢ —F . W18 dofy,
o o :'n;b’"' i
- v .'_, 'I.l. \
» - o ‘ ; - \
16y
b 3 l’n_ev.'
‘ .
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EVCLIDLS. Elementorum .

Propr VIL

Si in A B diame-
0 circuli, quodpiam
fumarur punttum G »
gquod civeuli centrum
non i ; ab eoque pun-
"V &o in circulum quie-

G’ 5y GD 3 GE 4=
dupt 3 maxima qwi-
NV dem erit ea (GA)

feeoso B ~in qua centrum F,
winima vero veligug GB. dliarum vevo illi,que per
cenfrum docitur 5 -propinquior-G C remotiore GD
Jemper major-efl.. Dud antem folum velte linee
GE GH equales ‘ab egdens punéfo in civculum ca-
dunt 5 ad wivafquePartes minime G B , vel masi-

Exeentro F duc re@tas F C, F D,FE; &afa
ax;gsBFH: BFE. :
1. GF —+ FC (hocelt GA) s — GC.

. E. D.
<% .Latus F'G communeeft, & FC 5—FD,

atqueang. GFCe "G E D 4 ergo baf. GC

c~GD. QE.D.- _ .
3. FB(FE)e™3 GE <+ GF. ergo abla-
to comimuni F G f remanet BG ~J E G.

'© 4. Latus F G communeett, &FE=FH; .
atque ang. BFH ¢ = BFE. b ergo GE = GH.

Quod vero nulla alia G D ex punfto G zque-
tur fpfi GE , vel 6 H, jamjam oftenfum eft.
.D. '

dam  refle linee




Mo

>

- piber ITT. S $
‘Proe VIIL .,
Tt T Sioextee civews
lum fumatur pun-
thum quodpiam A'>
ab eogue puntto ad
‘circulum deducan-
tuy quedam linee
Al,AH,AG,
- AF, quaram une
7uid¢m Al percen-
rum K protenddn
- tuy 5 veligne vy
ut libet 5 meavam
peripheriam eaden-
siumrettarnm lings
arhm maxima quie

‘ . dem eft illa ALy,
que per centrum ducetur, aligrum autem ei que per

centrim tyanfit propinguior AH remotiore AG fems,
Dber major eff. In comvexam wero peripheriam ca-
dentium retbarum lineavim ‘minima quidem eftilla
A B, que inter punttum A , & diametrum B 1 in-
terponitur 5 alidvum avtem ea , quael minimepro-
pinguior A C remotiore A D femper minor eff.Due
antem tantymvefbe linte A Cy AL eqialesab.eo
puntto in ipfum civeulum cadunt 5 ad utrafquegar~
tesminime A B, velmaxime A 1, N
“Excentro X ducre@tas K L, K G, KFsKCy
!(D:KE.&fac’aﬁg.gKL:-AKC. P L
LAT(AK +KH)sr- AB.QE.D. woh
2. Latus AK communeeft ; «KH=KG; *
atqueang AKH 7 AKG. bergo bal AHT biefs.
AG. QED. | o
3- KA ¢ ™2 Ké -+ CA. avfer hincinde - c1o. .
i quales KC; KB, d erit AR ™2 AC. o s
4, AC+ CK a™DAD ~+ DK. aufer o s

hine inde 2quales €K, DK » fedt ACT I Hqex
CAD QED. -

1\4.- . Latus
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’w.

EVCLIDIS Elmentorum
§. Latus KA eft commune &KL —KC
atqueang. AKLg = AKC, bergo LA=
CA. hlé; vero nulla alia quatur , ex mox

QmﬁS. er‘o, &c, - - ’

Pror IX

Siin civculo B CK wcee-
- prum fuerit punBum aliquod

A; @rabeo puntto ad circn-
lum cadass pliyes squam dua
rete linee equales A B,
AC, AK, acceprum pus-
- Gum A centrum off ipfins
- cirenli, ’

extra centrum plures quam duz re&tz linex -

* - quales duci poflunt ad circumferentiam. ErgoA’

-‘l.?,

Y

eft gentmm- Q_E D.
P PrRor X

Girculus TAKBL.

in pluribus quam

dpobus punttis. non

Jecar. »
Secet 5 fi fieri

punflis X X L.
Iun&a 1K KL.
‘bifecentur in M
" & N ¢ Ambo
circuli  ° centrum

habeot in fingulis perpendicularibus M C, NH,

-

& proinde in earum inteefetione O. crgo fe-
proin N

cantes ¢irculi idem centrum habent b

? ror

Nam 63 nullo punflo

eirculum 1RKFL.

poteft 5 in tribus




I

C ona contafum ¢ mPunélis D, E. Duc A C, o
-eritA D

\ |

L

l Si “dfw tireuli ACD
}

i

Liber 1, 57
P Koy, XL

Si duo cirens;
GADE, ABC
" Jefe intys Contin-
gam‘_ sdtque daccepta

Hersnp eOrum (41429
"G, F; 4 -
Yhm centyq adjun.
 Eareity lineq ¥ G
© produta | i A
Contaftyy, circhlom
Yum cades,

» BCE Jefeextering Contin-
oty fineq pest, AB

orum cemtra A, B (4.
YP> DT Contagt i C sranfibie, L
fieri poregy > fit 1e&a ADER fecans circulos

+EB (Ac+c;l»-cr~AD-;;fZ‘,;'-
bQ.rA - \

PRC’Pt }




§8 . . EVCLIDIS Elementorum

- PRrRoOP XIII.

’ Civealus
CAF cir
calems BAH
non gangit in
pluribys pun-

. uno Ky flor

. ‘intﬂf 3 _(i?)e

F" extra tangar.
.+ 1 Tangaty
;fi fidd %o-

\ " “teft , ineus
in punQis
A,H. ¢ er-

G go reéta

C B centra

_ conneélens, {i producatur cad
“. 7.3, in H. %nniami itur CH p— CA, & BHC
w.dft. CH.eritBA (B )T CA, Q.E.A.
gex. 2. Sindicatur exterius contingere in pundlis
s F&F,edultarc@®a EF in utrogue circujo erit.
Circuli igxmr:-‘fe\mutuo fecant , quud non po-
nitur. . - .
) Propr. XIV.

S
- Incircnlo EABC
aquales  yefle | linea
ACBD, wqualiter
difigrit X cenyrh E. o>
qve A°C; B D equali-
terdiflant acentro 5 €-
gi:ales funt inter fe.,

Ex centro E duc
P . perpendiculares E F,,

A

[
EG :e qua buecabunt A C, D B. conuefle EA
v 8 E, B. ! - . .
w O LHYp A= BD.erg>AFb=BG.fed &
g o , EA

¢t tamig A, quam )

o o=y T

=4




o

timlfl
CAFu
] BAH
sons JGHH

ibpsp |

fis . 0
np A,fl'ﬂ
I »

ra gl
1. Tlmgm

fer po | -

by |

Puﬂﬁ”
e
el

T — “

iber 117, 59
-E,A:EB. ¢rgo FEqe==E 3 ~AFq—=
EBq “BGqéEGq.}ergo FE= G.QE.D. t4rr.e

2Hyp EF— EG.etgo AFqe=*pa

3.ax,
q ~EFq: d"hl.ql.l.
Bq —E Gqe= GB

q ergo AFd:GB;
Toinde AD — B, .E. D, eSax,
¥ Pro %XV- ’
" FA k B

In civeyly GABC
AL Guidey lineg
. meter \ Djaii.
ATHIB Alitens coptrg
Propinguion ¢ E remq.
tiore B ¢ Jemper s
Jorefd.

L DchB,GC. .
Diameger AD

B cet [

BH |

A, it ‘

i
foei
o '

A8C

it

(#e l]:Jlf:l.
GB +GC)6:'-30 bie.y,
Q.E.D.
. . 2. Sit diﬂantia
Gl gH. accipe G N =G

e 2 Per N dye

KL perpead. GIL. Junge GK | GI. & quia

K—GB, & GL=acg; eftque ang. KGL—
BGC, ceritkL (FE)—BC. Q.E'D, " eres
ROP XV +r

' ke CD

Q F A D 4 Qemrtmi-

j tare diame.

mi HA cuguf,

% | cireuli

BALH o

angulos yegtos

CItUr , e

sraipfum ciy.
tulum cader ,
in locum
inter  ipfam
reltam ling— .
am 5 & peri-
Pheriam com-
- preben-




6o EVCLIDEIS Rlementorum
.~ prebenfam alrera vefia timea A Lnoncader 0 fe< |
nricirondi quidem angulus BAL gwovis anguls acuts | *
rettilineo B A Lmajor eft 5 reliquns amtem DAL |
ntinoy. .

1. Excentro B ad quodvis punfum E inse-
fla A Cducreftam BF. Latus BF fubtendens | -
anguluar re@um B A F ¢ majus eft latere BA, ('
quod opponicur acuts BFA. ergo cunrB A (BG)
pertingar ad circumferentiam , B F ulteriug por-
rigetar ; adeoque puri@um F, & eadém ratione -
quodvis aliud reta A €, extra cieculum ficum
erit. Q.E.D. ' ’ -

3. Duc BE perpendic. AL. Latus BA 6ppofi-

9.1 tumrefloangulo B E Ab majus eff latere BE,
© quedacutom BAE fubtendit: ergo punétum E,
adeoque rora E A caditintra circulam: QE D.

- 3. Hinc fequitur angualuny quemvisacuwum,
menpe EAD angulo contaltus DAL majorem
effe. Jeem ang lum quemvis acutum: B A L an X

gulo femicirculi BAT mitiorem-efe. QE.D. |, f‘?
€oroll. dk?:

Hinc , reta ddiametri circuli expremitatead |
' a;gulos reftos du@a ipfum circalum tangit. i

x hac propolitione paradoxa confequantur.&
mirabilia bene multa,qua vide apud interpretes. &

PRor XVIL

A dato puntbo A reltam
lineam A C ducere , qwe
datum circulum DB C 4
tangat, - ) .

Ex D dati circali
centro -ad -datum pan-
/Qum- A ducatar refta, |}
D A fecans perigheriam | ¥
in B. Cmta D defed- ',
be per A alium circulum ¥y

: AE; '




‘——

it Liber 11y . 61

| AE;&exp duc Poremdicularepn o AD, gy
of { occirrat circylo AEInE. dyc g D occurrenteny
"“’I’ , circulsBe inG. ex A uC dugs relta tangep
A | cirgulum P g C. T
l NamDBd:DC,&D\El:DA,&:}Bg._nu.&ﬁv.
‘; i D commuypjs h:pogy e ACD = ppp abga
li’”/ &, 120 AC tap,

Culum in D.

F

gt girculum . Q.E.F.
Kop XV I '

R ’mdimlarinrit.
Perpendicylaris og conti,

Ceor.169.

St circulum B bc
sangat yeity quePian
nea AR, 4 £OnErD gy
ooz ad Fnt48um E of.
Ungaruy rea gue m
ﬂmi E ;quqd;lizz-
@ fuerit BE o4 pfam
condingenten, AB pers .

goatem,e fecabi, €a cir-

bt 3 23.4ef 3,
qum ieicye ang. FGE refus -
teatuy p erjp ang. f

cig. 1,

G acurys. o €rgo EE b eoray,,
(FD)—Fg. dQE.A,

, Sine 3% fit centrum expry éEinP', &abE
ad comg ' m ducatyr ¥ €, Igirur ar% FCB
4 proinde

Q.E. A.

: 3
Teftys eft; &
Per bypoth, 5

: dgax,
P'zop x1y ' :

8 irculum ge.
tigm't reda Ghe-
Liany [inm.AB, 2
CONtalty gyren C
reita fineq C E ad

C@n2ulos refos fr
' tangensi excitetyy ; -
i excitata ¢ E
eTit cehtrum eircu-
% v .

BreQo

aitam, .

ar angulo E
e S tgles. |

Sy Pror.

, sy,




63 EVCLIDIS Elementorum
Propr XX

A A
(K)e

In circulo DABC 5 angulus BDC ad centrum

duples eft anguli B A C ad peripheviams cum fuerit

~eadem peripheria BC bafis anguloram.
Duc diametrum ADE.
essr. - Externusangulus BDE s—DAB~DBAF=
by ¢ DAB. Similiter ang. EDC == 2 DAC: ergo
in primo cafu totus BDC == 2 BAC; fed in ter:

wsoas.  tiocafucreliquus angulus BDC==2BAC:
Q.E.D. :

‘PRoOP XXL

Inciveulo EDAC gui in eodem Jegmento funt an<
guli; DAC & DBC funt inter fe equales.

1. taf. §i fegmentum DABC femicirculo fit

. © majuss ex centro E ,duc ED,EC. Eritque 2 ang:

‘g10. 3o As—=Es—28B. Q_E. D. .

*2. €af. Sin fegmentum f{emicirculo majus non

. fuetjts famma angulorum trianguli ADF ®que-

, tur fumme angul%mm in triangulq BCF. De-

pig, mantur hincinde AFD 6= BFC, & ADB (==

eprnaf  ACB, remanent DAC =DBC. Q.E.D. -

. - PROQEPR.

-
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Liber' 111, 63
Proe XXIL i
Quadrilateron
B rum ABCDin
“civeulo  defiripton
Tim anguli ADC
ABC ; quiexad-
aerfo | duobus ye-
! &i_gum equales.
. DacA G,BD.
7 Qting. ABC +
T BCA+ BAC v
o == 2 Re&t. Sed
- b ' BDAG=BCA, p,, -
& BDCDb:‘BAC:cHSO.ABC+ADC:1 Re&. <rax g
Q.E.D- . o

AR ¥
Coroll. SV

1. Hiac , i*A B unum latys quadrilateri # ido fon.
in circulo deferipn. producatur , eric angu. S4rem
lus externus E B C =qualis angulo interno
ADC, guiopponitur &1 ABC , quieft dein-,
ceps externo EBC. utpatetex 13. 1. & 3.ax.

2.1tem circa Rhombum circulus defcribi ne-
_ quit; quia‘'adverfi cjus anguli vel cedunt ducbus
redlis, vel eos excedunt.

ScHOL.

- §i in cradrie
Elamo ABCD -
anguli A 5 & C
quiex adverfo
"duchus “yetlis «-
quantuf -y cired

-quadrilatersm -
cirenlus  deferibi
posefd.

Nam - ';;'lrrét\;—
C s ‘quofli-
Dhascoper G0



84 EVCLIDI S Elementorum
bet tres angulos B, C, D tranfibit (ut patebitex
5.4.) dico enndem per A tranfire. Nam fi neges;”
_tranfeat per F. ergo du&lis re@is BF,FD,BD;
” ang.C~+F #——3 Re&t.b—=C—+ A cquare A=F.
ax, 4 Q. E. A.
% Y . .
PRropr XXIIL
Super eddem re

' ¢B &a linea AC duo
~ civeulovum fegmen

—A . taABC, ADC"
" [milia & inequa

Yia non conflisnentur ad eafdem partes.
Nam fidicantur fimilia , duc CB fecantem

-~ - circumferentias in D, & B, &'jun‘geAD 2 ac |

vaf.y AB. Quiafegmenta ponuntur fimifia, s erit abe.
6. ADC= ABC»Q.E.A. ’ 5

®rRoOP XXIV.
' . Super -
qualibus yeldis
lineiy A €,

- /B “E\ DF fomilia
- civculoram fo-
<p- F gmenta ABC,

; E

] : "DEFR fum
E_ G me j'e\fta

ualia.

B B . Bufis AC

fuperpofita

© AD AD CF bafiDF &

. congruet 5 quia A C=DF. ef%o fegmentum

ABTC congruet fegmento DEF (alas enim

" gut intra cadet; aur extra, s arquena fefmcm

9% tapon eruntfimilia , contra Hyp. aur

" partim intra, partim extra, adeoqueipfum in tris

v _bus punélis fecabit. 5 Q.E. A } ¢ proinde fe-
b’ gmentum. ABC== DEF. Q.E.D.

Pror

altern | |

4 i




- Liber 111~ g5
PR o p. XXV. ,

: - Circuli fegmento
_ABC dato’y deferi-

bere civculum 5 cxjns

ef} fegmentum.
A Sulgtendantur ut=
Vo cunqué duz redte

. . AB, BC, quasbi.

fecainD, & E. Ex D, & E duc perpendicu- |
Tares D F , KF occursenges in punfto ¥. Hac

erit centrum citeuli. . .

Nam centrum s tam in DF, quam in EF aCwt4

8 exfiftit. ergo in communi punéto ¥. Q. E. F.'’
Lo PRor XXVI

]

@ T

e —

1In equalibus cireulis GARC,HDEF dquales qn=
Luli equalibus peripheriis AC,DF infiflant five ud
¢entra G,H,five ad peripher.B,E conflituti infiffans.
Ob circulorum zqualitatem, et GA—= Hp,
& GC = HF item per hyp. ang. 8=H, ,
¢ ugo AC=DF. Sed & ang. Bb= L G£ ¢ 2 16 %,

. . . RIS 3 TLN

Hp=p. 4 ergo fegmenta AEC; DEF hmilia, s

e& B d 2 Iy 1- fe-. d io.lff;i.

proinde parta funt. fergo etiam reliqua fe~.g g 3

§menta AC, DF zquantur. Q. B. 1. fa.ex,
i, ) Stholiung. .

A P 1y circule ABCD, fit at-
\E, cus AR par arcuiDC 5 ent

AD parall. BC. Nam duta
AC;{; erit ang. ACB==CAD. yabst
cqua'ré per 1.7E1

Pro®



13

© &um A re®am DA, & tonne@e DB, DC. i

" ffve adperipherias B, E conflituti infiffant.

" guli GAE, GAF ¢ etiam rei funt. fergo B Cs

EVCLIDIS Elementorum
PrRoPr XXVI{ - '
E e \In “equali-

bus circulis

G A BCG, .

’ HDEF 3 arnr. A
| guli qui «-
qualibus  pe< |
F ripheriis AC, | I
. D F inf-
. fiunt, funt inter [e equales , fFve ad centre G; H, Q
1 (

Nam fi fieri poteft , fit altereorum AGC T~ |
D HF. fiatque AGI = DHF. ergo arcu¥” &I

Ale=—=DFb=AC.c QE.A. ~ - %
' scHoL = i

Linea veBa
F EF, qre duta
.ex A medio pun-
o peripherie a-
licujus B C, cir- A
tulum  tangit >
parallela eff 16 Y
&e linee B C» b,

que peripheriam |
illam fubfendit. )
Duc & centro "

D ad conta- Q.

Latus DG commuge eft; & DB—=DGC,at 1
=DCatque W
ang. BDA s == CDA (obarcus BA, C ;3 bx-
quales) ¢ ergo anguli ad bafim DGB., DG C
®quales,& 4 proinde rei fune. Sed interni an- * - é

EF funt parallelz. Q. _E.D.
: : "PROP.

¢

I




ﬁ L Likey g 1 AN 67
o TRor xxviy ‘

* S 80 arcijs '
-4 proinde reliquus * BC=DfF' 5:?'"
4 . 3.
: : d3.ax,
~uod ff fubtenfy AC fig — vel ™2 D F, erie ! .',
{imilf 1y, Oarcus AC — v “2DF,

\ PRoP..XXIX._

. In q"ua[i;‘
bus Cifculis

nales periphes. ;.
_C F rqim" APB'PC-,‘ .
o _ D’EF'tqu¢A'
X b5 reste linee AC, DR Jubtendyys. ‘
- DchA,GC;&HD,HF.%Ia’ GA—
i HD;&QC:HF;&(obarcusACsDF -
&’ag%enam ang.Gb';H; cerjt ’baf.ﬂC:DF.l;:!’P; ).
Hac & tre Proxime pra,
tur €tiam de odem circylo,
‘K o p, XXX ) )
’ Datam beripheriam ABC
bifariam fecare, -
Duc A C; quam bifer
@in D. ex D duc per-

b [ Pendicularem D B oc-
Surrentepy, arcuiin B. Dico faCtum.
E a2

|

}.
} G C 3
; /K_ HDEF,,
b

. L . g
cedentes 1ntelhgan~

- 1




. 4,
e
o def 1,
. 17.%,

EVCLIDIS Elementorum

Iunganturenim A B, C B. Latus D B com-
muneet; & AD ¢a—=DC; & ang. ADBb—=
CDB.cergo AB—= BC. zquarcarcus AB=—=
BC. Q.EF. _

. BProer XXXIL

. 4 In circulo angulus
E F " ABC, giiin fomi-
N civeulo, veftus eft 5 qui
autem  in majore fer

N~ refto; qui wero in mi-
nore fegmento B FC,
magor eft reflo. Et in-
/. [uper angulus maforis
Jegmenti  veffo  quis
.dem major eft , mine-
2is auiem fegmenti angulus; minor eft vefto.

.. Ex centro'D duc DB. Quia DB= DA, erit
- apg: Aa== DBA. pariter ang. DCB s == DBC.

b4TED ang.,ABC:A~+ACB¢-‘:EBC 5
dproinde A B'C, & EB C re&ifunt. Q.E.D.
ecpgo.B'AC acutus eft. Q. E. D. ergo cum
Bﬁ(}B—s B.F Cf= 2 Re@.erit B F C obtufus.
denique angulus fub re@aC B, SarcuBAC
major et reto A B C. faftus verofubC B, &
B ¥:C peripheria minoris fegmenti,re@o E B €

- .:gwminoreft. Q.E. D.

ScHOLIVM.

In triangnlo relangylo AB C, ff bypotenufs
C bifecetur in I3, civenlus cemro D per A de-

Jeriptus tranfibit per B. ut facile ipfc demonftra-

bisex bacy & 21, 1.

M VR PROP'

gmento BAC , minor. '




DB
ADBs=
isAB=.

7 N

Liber 117, o &y
PRrop XXX1T1, LT

. 8 CirCalum: pest,

perie aliqua ('e_&ft U

xNE

ng AR, 2 fontaity
: - 2utem producasuy gue.
X " reita lines C |
- CirCHlum fecans an-
i, g4 ECB, EC A,
i o \  quos qd . ontingen-
f; g Y tOn fuir | " eqkales
joe Jf. ) <} “nf ide y gl in aleey. -
,miﬂ?f A B .. VS Cireyli ._[egmtnti:
pink confiftunt, anpusiy SEFC. L
BFG: SieC guli EpC Petpendiculare 5 y
L AB (@ perinda €aim eft) befgo CD op dia- 263,
i | meter-vergo'ang. CE D'in femicirmo efup o)3 >
Fo e dergo 8- D+ DCE~— Refd. ¢ =ECBuy dys.y,
it DCE.fcrgo ang.D — -B.p. . ;;':f" '
| Cuom igitur ng. ECB .. ECAg—, Ref. g TN
. b=DJF, aufer hing inde zquales EGR 2& gt
bl p, RtemanenyE oo =F, QE.D. . :
3 PRrog X“XXIII.;
" IR P L Skper dy.
i . ta Nelta f;.
g ! E \ nez A B de.

b “qualens dg-
' 20 angulo ye-
o . &ilinegC.
: aFacang g o D=C. per A duc A Eper- asy.y.
Pendicularem oq HD. o alterum termioum
dte AR fnéfahz.’-'ABF~'*;"~ BA¥, bjusalieim
Tatus fecer E' B ceners Ropet Asdefuribe
Urculum, qq i

- e N

Sevibere iy,
FCult. feemen.

(S fxn AIEB ,
7 quod capiat
G L angulumAIB

]

od tranfibit Per B (quia ang, l;B_l.\
: E 3 0



79 EVCLIDIS Elementorum
mtr,  B=—F AB,cideoque FB—=F A) ; fegmentum 1
1. AIB eft id quod queritur.

. Nam quia H D diametro A E perpendicularis "

”_""“" eft; d rangit HD circulum; quem fecat AB. ergo
ffr.  ang. AlIBe—BADf=C. Q. E.F. . I
...+ PRoOP XXXIV. '

- A dato cireslo 1

Co ABC fegmentum 4

‘A B C abfeindere ]
- capiens  angulum :
B equalem dato
angulo reftilineo f
b

. 3 = = .a Duc reftam
: e : F : EF,que tangat
-1 datum cicculumin A.p ducatur item AC fatiens | 4

. ang. FAC==D. Hac auferet fegmentum ABC |
wfr.  capiens angulumB ¢ — CAF 4—=D. Q.E F

PR oOP XXXV

LU S e -
oy

. Siin ;'Ercul;) EBCA due yelelinee AB,DC '
Jefemutuo fecuerint 3 rebangultm cqmprebm&i_u;x ‘ 3:;1;
Tl - - o fu oo




t

\'

|

Liber 111,

. | kR
fub fegmentiz A By E Bunius , equale eft e quod

- [ubfegmentis C E , BD alterius comprehenditur ,

vefbangulo. ‘ :
Caf 1. Siveftz {efe in centro fecent 5 res cla-
raeft. | ) ’

2. Siuna AR tranfeat percentram F 5 & re-
Jiquam C D bifecet , duc ¥ D. Eftique Reftang. ¢ -
AEB =+ FEqs —FBqb— FDqe = EDq—+ ag.1. . .
‘FEq4—=CED -+ FEq, cergo Reftang, AEB 21;:’:""
= CED. Q. E.D. o

© diyp.

- 3. 8i una'A B diameter fit , alteramque C D 3w
fecet inzqualiter , bifeca C D per F G perpendi-
“cularem ex centro. — .

Reftang~AEB ~+ FEq. -

- fFq(FDg) L
Hquan- f£5:0)
“ e ifta 2FGq < GDg.

7. &
FGq -+ hGEq -+ Re@tang, CED. b1,
1 v kFEq-+CED. R
ot Etgq Re&ang.‘ AEB— CED. 13.ex,
4. 81 neutra re@aram A B , C D per ceptrum
tranfeat, per interfetionis pun&tum E duc dia-

metrum G H. Permodo demonfirata Reftang,
AEB — GEH == CED. Q.E.D.

PRor XXXVI

VAL

' a

iSi extraciveulum EBC fumatwy punfum ,;li;
quod D 5 ab eoque punBlo in circulum cadant lzm
- vefle linte DA, DB 5 quarum altera DA cives "

Ea4 fecets

"
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EVCLIDIS Elementorum

Jecet s wlteravero D B tanger ; oupd fub totafe-
cante D A, & exterius inter pundum D , & con-
wexamperipheriam affumpta D C comprebendiin
retlangulum, equale evit ¢i , quod i tangente D B
deferibitur, quadrato. ‘ '

1. Taf, Si fecans A D tranfeat: per centrum Ey
junge E B 5 s faciet hgc cum D B reftum angt-

Tums quare D Bq+ EB Q (E Cq)b—EDq
¢=ADxBPC~+ECqdergo ADxDC=

DBq. Q.E.D.

2. Caf. Sin A D per centrum non tranfeat,
duc EC,EB,; ED;atque EF perpend. A D, quare
sbife@aeft ACinF. - )

Quonjam igitur BDQ —+ EBq s— DEq b=

_ EFq + FDq ¢ = EFq~ ADC — FCQd=
' ADC—+CEq(EBq); eeritB Dg= ADC.
Q.E. D. '

Coroll. '
A 1, Hinc ) 6 i.punﬁb
: quovis A extra arcqlum
affumpto , plurimz linez
, relte AB , AC circulum
§  fecantes ducantur , reftas-
%u]a comprehenfa fub totss
ineis A B, A €, & partibus
externis A E , AF interfe
funt zqualia, Nam fiduca-
tur tangens AD ; erit CA
= ADq4=BAE.
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Liber ITL - . 73

2. Conftat etiam duas
. reftas A B, ACab codem
pundto A dultas , qua cir-

B J culum tangast , inter fe -
zquales efle. .
: Nam fi ducarur A E fe-
\ caps circulum ; erit AB
¢ = EAFb==ACq. 336 ).
E b36.3.

3. Perfpicuum }udque eft ab eodem pundto
A extra circulum affumpto , duci tantum pofle
duas lineas; A B, A C que circulum tangant.
Nam fi tertia A D rangeredicatur , erit AD
c——:ABC:AC-JQF-N- cr.e0r,
4. E contra conftat , {i- duz Tefte ®quales 48 5
A B, AC ex punfto quopiam A in convexam
peripheriam incidant , & earum una A B circu-
lum tangat, altevam quoque circulum tangere.
. Nam fi fieri poteft, non A C5 fedalteraAD
crcuhim tangat. ergo A D=~ ACf=—AB-

$QE-A. |
Propr XXXVII

e1.00p,
fyp.
7.
» Si extracironlimE B F
' ‘ fumasur punfium D 5 ab
4\ eoque in cipeulum cadant
[/ F e re8alinee D A, DB
guarkm altera D A circu=
B fum fecer 5 altera DB in
. eum incidat 3 fit antems

~ quod fubtota fecante D A,

O exteriusinter punfium> -
& conpexam peripheviam
 sffumpaD C> cmppr&bem
- ditur velkangulum , aquale ¢ , qued ab inci gtBe
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EVCLIDIS : Elementorum

D B deferibitnr quadrato , incidens ipfa DB o
cxlum tanget. '

Ex D ¢ ducatur tangens DF ; arque ex E cer-
tro duc ED , EB, EF. Quia DBqb = ADC

c=—=DFq,4erit DB—DF. Sed EB—=EF,
& latus E D commupe eft ; € ergo ang. EBD
== EFD. Sed EFD reftus eft, fcrgOEBD

- etiam re@us et. £ ergo DB tangit circulum:

Q. E.D. '
) ' Coroll.
Hinc, » ang. EDB = EDF.
4 L l B.
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LIB IV.
Defigisiones.

1 *__\ ura reflilinea, in figora refli-
e lineainforibi dicitor , cam fin-
yeCl gulicjus figaree , qua inferibi-

;94 tur; angult fingula latera ejus in

S9 quainfevibitur, tanguat:

Sic triangalum DEF eft in-

A feriptam in tviangule ABC.

\ E * 1L Similiter & figara cie-
)] * ca figuram deferibi dicitur,
/ ccum fingula ejus, qaz circum-
B‘ T F Jeribitur , latera fingulos gjus
figuce angulos tetigerint 5 cir-

ca quamilla deferibitur.
" Yt triangalum AB C eff deforiprum circa

tri angulum DEF. o

111 FigurareQilineain circalo inferi i di-

- citur; com fingali ejus figura,

cum binguls’e qua infcr 1 ficur,
anguli tetigerint circuli peripheriam. :

1V. Figura vero reQilinea circa circulum
deferibi dicitur, cuni fingala latera ejus, qua cic-
comfcribitur, circali peripheriam tangant: -

V. Similiter & circolus in figuea retilinea

JUPpYe
e e e IR

e,

I et

' . e ye w N - 1

infcribi dxqmt,‘ cum circult peripheria fingula-

. " latera tangit ejus figura, cui inferibitar. i
' V L Circulus agtem circa .’“am t‘ff:f‘d‘i‘



76 EVCLIDIS Elementoram
dicitur, cum circuli- peripheria fingulos tangit | N
ejus ﬁgurz, quam circumfctibit, angulos. - C:

gy

VII Refa hnea in cir- g‘

culo accommodari, feu cos-

peari diciturs cum ¢jus ex-

trema in circuli peripheria
fueriat; ut re&a linea A B

P R op. 1. Problr.

ol - In dato circalo
- ABC reffam li-
neam A B accom-
modare  equalens ‘
date  refle linee I
D, gre circuli div ‘
ametro A C non, 1
poff 1t major. [
;f Centro Afpauo AE— P [ defczjlbc circulum tn
s def s, datd circulo acturrentem 4a-B. Erig dufta

oaflr, ABb—M c— D QE . R 2
'?ROP iI H’rol:l./z’ :
. In da- ﬁ
to  circu-
“h ABC N
m'm B~ 1
€ ium ABC. ;1]
deferi- ‘
" bere da- .
i 0 tvi- ;
‘D> angulo. ]
3 EF wquiangulum. '
. "Fiefa G H circulum dacum o :Z:gafm A.
joacang. 1 SE i b& ang. GAB'= F.&
lunge BC. Dic




. I TTTIIIIIIIEIIIRSIITTRE.,y.
4 WNam ang, Be = HACJ—E ; & ang. ¢33
:‘ e , Ce= GAB=F; e quare stiam ang. BAC=D. ‘:;:’,f'

ergo triang. B A C circulo infcriptum triangulo
a pe: D EF zquisngulum ef. Q.E.F. :
!

77

e Proer 1IUL .Probl.g\

s b N L B M

it citea datum chreulum AABC ariangulnm LNM
e deferibere, daso triangulo DEF equiangsinm. :
3“ g b ) Praduclatus BF urrinque. 4 Fac ad centrum 333t
"' 1 a0g AIB=DEG. & ang. BIC = DFH.
b0 }  deinde in punitis. A, B; C arculum b tangant bi7.3.
g S reftz LN; LM, MN. Dico faftam.
o uh ! Nam qued coibunt refz L ¥, LM, M N,
E¥1 0 arque ita triangolum conltituegt , patet 5 ¢ quia SiLen
- anguli LAI, LBI4rc®i funt , adeoque dudta ">
AB angulos faciet LAB, LBA ducbus re@is mi-
. nores. Quoniam igitar ang. AIB —+Le=—=2 :thl N
ol i Re@&f=DEG= DEF; & A1By==DEG; b erit ¢'Jnfi.
g * angL=—=DEF.Simili argumento ang. M=—DFE. hs.ex.
{8 | keigoetiamang. N==D. ergo triang. L NM ™
¢ orclo drcumieriptum dato E D Feft mquian-
1. golum. QE.F. J o

lf' : ~

o> 8

PROP



onfle,
2,8X,

6.1,

 Herig.

EVCLIDIS Elethentorans
P ROP IV. Probls.

In dato trian-
gulo ABC cr-
‘culum EF G ins

~ Jeribere. i

Dugs angu-
los B, & Cabi-
fecare@tis BD,
;} D coeunfi-

‘ us in. D. Ex

3 CDb duc perpen-
diculares D E, DF, DG. circulus centro B per
E defcriptus tranfibit per G, & F tangetque
tria latera trianguli. -

Nam ang, DBE ¢ =—DBF; & ang. DEBd-—-
DFB; & latus DB communeeft : e ergo DE —
DF. Simili argumento DG — DF.Circulus igi-
tur centro D defcriptus tranfit per B, F, G5 &

. cum anguli 2d B, F, Gfint re@i, tapgit omnia |
~ trianguli latera. Q. E.F. ¢

® Scholium.

Hlinc , cognitis lateribus trianguli y invenientsy
eorum fegmenta 5 quefiunt icontaltibus circuliin-

[eripti. Sic,
SitAB 12, AC 18, BC 16. Erit AB+

B C—28.ex quo fubduc 18=—=AC =AE~+FC,’
rema{net 10 = BE —+BF. ergo BE, vel BF — 1.
proinde F C, velC G = 11. quare GA, vel
AE=7.

-~




Liber IV. 79
Pror V. Publsg. - \

t
3

}
]
. 1
| . . -
1 cirea datum triangulum ABC cirenlum FABC
%c defcvibere. . ’
P Latera quavis duo B A, A C & bifeca perpen- asoX1t.n
i dicularibus D F , E F concurrentibus in F. Hoc X
\‘ erit centrum citculi,
]

Nam ducantur re@z FA, FB, FC. Quoniam
ADb=DB ; & latus D F communeeft ; & ang, .
+ F¥DA ¢—=FDB,derit FB=FA. codem modo y oppy.r
‘ } F €= F A. ergo circulus centro F per dati tri- ceomftr.d
_ aoguliangulos B, A, C tranfibic. Q.E.F.  3oT
) coroll,

¥ Hine, £ triangulum fuerit acutangolum , 44,5,
* centrum cadet intra triangulum; fi reangulum,

* in latns refio angulo oppofitum ; fi deniqueob-

. wfangulum, extra triangnlum,
Lo Schol. i
v Eadem methodo defcribetur circulus » qui

~ tranfeas per data tria pun&a , von in uparedta .
linea exiftentia. ' ’

PRrOF.
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8o EVCLIDIS Elementorusi;

' PR OGP VI Prble.
: In  dato circuld

diatum ABCD
7 infcribere.
EA - 4 ¢ Duc diame-
tros A C_ > BD
fe mutuo fecans
tes ad angulos
B C reftos in cegntro
— E. jupge harum
tetminos re@is A B,BC, €D, D A. Dico
= faflum. o

g Nam quia 4 apguli ad E re&i funt , b arcus,
v3. & ¢ fubtenf2 A BB €, CD, D A pares funt:
gigo A B C D zquilaterum eft ; ejufque ombes
- 3 anguli in femicirculis; adeoque 4 redi. funt. eer-
-def- 1, go AB CD eft quadratum , dato circulo inferi-

o, Q.E.Fu ' .

PRrRoOYF.VIL Pl 7.

M - a G (ir:;: datum cirs
F ™ ¢uiamm EABCD

E defcribere.

Bi— D Duc diametros
AC,BD fe mu-
tvo fecantes per-

- C haifi extrerha s duc
o . tangehtes concur-
rentes in ¥, H, I, G. Dico faltum. Nam ob

7 m:\%ulos adA, & Cbrelos; ¢ erit F G parall.

-
o

eft parallejogrammum; & quidem retangulum,,

. fed & quilaterum , quia FG a—HI=—BD¢=

ier.r, CA#—=FH 4== Gl quare FHIG eft fquadra-
if1, tyms dato circulo crewnfuiptum. Q. E.F.

. SCHOL.

A SD EABCD gue -

l guadratimF H IG_ '

n . 'Y pendiculariter. -per .

HI eedem modo FH parall. GI. ergo FHIG :

-
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Liber 1V. T,

ScHOL

AEB
HK-F
C e

" Quadratum ABCD cir-
culo circumfcriptum. 5 dus
plum eft quadati’EF G H
circulo inferipti.

Nam reftang. HB =2

HEF. & HD =21 HGF:

. per 41: X,

PRrop VIIL Prbl.s,

AL H

Q@

F

D.

In dato quas

diatg ABCD i’
tulwm TEFGH - -
infcribeve.

Latera quadfa-
ti bifeca in pun-’
s H: E, F :G H
junge HF , EG
fefe fecantes in 1.
circulus centro X

pér H deferiptus quadrato inferibetur,

Nam quia A H, BF apares ac b parallel® oy 5,
funt , cerit A B parall. H F parall. D C, eodem b4 v
modo A D parall. EG parall. BC.ergoI A, *3"
ID 1B, IC funt parallelogramma. Erga
ARd=AEe=HI=El=IF=]G.Circulusigi- d7.e+

tur centro 1 per H defcriptus rtranfibic per *3¢%

H, §, F, G, rangetque quadrati lateta , cum an-

guliad H,E, F, G fintre®i. Q.E.F.

PROE:



8y - EVCLIDI 'y El_emeniarum

PRrRo P I1X. Probl. 9.

circa  da-
tum  quadre-
tum ABCD
civcnlum E A-
BCD deferi

bere.
Buac dia-
mettos AC,
"BD fecantes
‘in E. centr6
E per A de-
. » c, fcribe  circu-

um. s dato quadiato circumferiptus eft.

wstt, | Namanguli ABD ; & BAC s femirelli funt ;
[ bergo EA == EB. éodem modo EA—=ED=
EC. Circulus igitur centro E defcriptus per
A%,C,D dati quadrati angulos tranfit. Q.E.F.

Bror X Probl. x0.

"Ijlbfceler
triangu-
‘tam ABD
confituere
qnad habe-

corim  que

ad  bafim

Juns angu-

losum B o

ADB dn-

“plim  peli-
qui A, ¢

R - D Accipe
. ) © quamvis

reftam AB, quamefecain C,itaut ABx BC =

% AGQq Cemro A per B defcribe circylum ABD;

m

at Kramgue

4 Wy
btﬂ‘l
‘hifa
I
a,




Cotoll.

Cum ompeg anpuli 4. B p o conficiant s o,
3 Red, (2 Re&.),li‘guet A’etre, 12 Reg, "’ -

B Sl
"PRrooy, XL rep, e,

A

3
T dary Cireulo ABCDE Lentdoonysy 2quidete.
rim @'tquia';g_ulum'AB‘C Ecinfers

e elcibe triangulugy Tpog FGH, habens , q ¢
UtRimque angulorum’ od baﬁm‘duplﬁmf ?"F’-! 2
;d‘ Verticem, j Huic Equiahggliym C A D infetia

- be cipey)

bs, ¢
©. Angulos ad batim ACD, & ADE :
B

¢bifeca e, DB,CEk Sceurtentibus circumfe. et
fentie in B, & E. connedte redtas CB;BA, AB, ¢ _
ED. Bico fa

&llm-' F * | I‘ ‘

P T




»4-

3.
3.

EVCLID]S Elementorum
. Nam ex confir.liquet quinque angulos CAD,
CDB, BDA, DCE; ECA pareseffe ; quared,
arcus.e & fubtenf2 DC, CB, B4, AE , DE 2~

¥t 'quaptur.  Pentdgonudi’ igicur ®quilaterum eft.

5.
3

Elt veto etiam ®quiangulum, f quia ejus anguli
BAE, AED, &c. infiftunt arcubus g zqualibus
BCDE, ABCT), &« -

.* "Hujus proﬁle“matgfs praxis fa;jligr;réd’ettlt ad

R IR £ L

N

B S
Hinc, angulus pentagoni @quilateri & zqui-
anguli zquacur? 2 Rett vel $ Re&.

e . Schol.

Herig,

€ o
Vwiverfaliter figure impariun laserum infcribune
tuy civculo beneficio trianguloram Ifofcelium, quo-
rum anguli equales adbafim multiplices funt eorums
qui ad verticens funt, angulotum; parium vere late-
yum figure in circulo infcribuntur apelfafcelinm tris
angulorum, quornm anguli ad bafim mulriplices [¢f-
quialteri funt earam, qui ad veriicem [unt, angulo-
THmM. . S .
. . Ut ia triangulo Ifcfce-
JeCAB, i ang. A= 3
C=B; A Bent latus
‘Heptagoni. $i A=—4C;
erit AB latus Enneago-
ol , &c. Sin vero A=
13 Cerit A B latus qua-
s . Tdrad. Et _ﬁA:z%C,
fybtendet AB fextam partem circumferentiz: pa-

€

~ rrROP

riterque i A== 3 1 C'; erit AB latus o@agoni,
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i 7 Pro P XIL Propy 12,
wel G
o o
¢l " ‘
ol -
i !

Y
Circa datyy Cittulym, FABCDE Pentagonym S
o Aquilateryy g, :

“quiangulym HIKLG deﬁrj ere,

I uilaterum ‘g
m 5 duc & cengrg re(tasF A, | B, " "
i D FE, difgue totidem Perpendiculates
GAH, HEp »1CK , Ky, > LE concurrentes
in Pundis 4,1, K,

L.,G. Dico fa&um, Nam S

qUa GA, GE ex Uno punto G 4 fangunt citcu. brarnsy, . -
M, ceritG A — GE.d'érgoang. GFA= ;

' g0 ang. AFE — 2GFA. “eodem. mo- R
do WLAFH = HFB; & Proinde ang. AFB = f
2AFH. geq 8. AFEe— App 7 €120 ang. ea. 5. g

—= AFR, {4 & ng. FAH § — FAG; froe |y
&latus £ °t commuype,; €20 HA —p G =2 i
GE— EL, &c Kergo HG +GL,LK, KT, k10
pentagoni‘aquantur : fed & anguli
Ham, utpore 4 ®qualiyg, AGF, aHF, & duy iy, v
Plis.ergo, g ; . - '

o i
' Coroll,

. T i

Eoden, Pafo, fiin circulo quEsungue ﬁ(?u}’g_ . [

Zquilatery & Zquiangula defcribatur, & 5 %—

trema femi’diametrdrum €X centro ad angulos
' E

3 du&a.-

e,



86 EVCLIRLS Eleyntorum
dugtarum, excitentur line2 perpendiculares, he
perpendiculares conflituent aliam figuram toti-
dem laterum & angulorum ®qualium circulo
circumfcriptam. :

P roe XILL Probliz..

- In dato pentd-
gono aquilaero
o equtangulo
- ABCDE"~ circu-

- feribere.
Duos penta-

K gmi argulos A >

)T B s bifeca’ re-

Qe D s AF ,BFcon-

: currentibus in F.
" Ex F dyc perpendiculares FG, FH, F1, FK
¥ L. Circulus centro F per G deferiptus tagget

omuja pentagoni litera.
byp. - DucFG,FD, F E.Quoniim BAb==B C;
u_r:lr. & latus B F commune eft ; &ang. FBAe=—
H EBC,dedit AF = FC; & ang. FAB— FCB.
v, - Sed ang. FAB e — ;BAEe =;BCD. ergo
ang. FE€B = ! XCD. eodem modo anguli tota-
~les C, D, E* ompes bifedi funt. Quum igitur
say.  30g. FGBf=—FHB, & ang. FBH —=FBG, &
$e  Jatys FB fit commune ; g erit FG—= EH. fimili-
* teromaes FH, FI, FK, FL, FG xquantur. Er-
go circulus centro ¥ per G defcriptus tranfit per
rigy, B LK L; btangitqué®entagoni latera, cum
anguliadea pun@afincrefti. Q E.F.

Coroll.

Hinc, fi duo anguli-proximi figurz quilate- \

rz & ®quiangulx bifecentur,& Fpunfio, in quo
ggeunt linez angulos bifecantes, ducantur recte
o linez

\NWE /s FGHK i




\h_H

ot &

i

Liber TV, - . 8y
Tinex ad rcli%lp_s figure angulos ; omaes anguli
figur erunt. ifedti. B

Schol.

Eadem methodo in qualibet figura z«iuijatm
& zquiangula circulus deferibetur.

13 Ropr XIV. Prqlal. 14.

Circa datum Pentagonum equilateram O e~

.. quiangulum ABCDE circuium FABCD deferi-

bere.
Duos pentagoni angulos bifeca re@is AF, BF

concurrentibus in F. Circulus centro F per A

defcriptus pentagono circumfcribitur. A
Ducantur enim FC, ED , FE. o Bife@i itaque 20nt3. 40

funt anguli C, D, E. bergo FA, FB, FC, FD b6 &

FE zquantur. ergo circulus centro F defcriptus,

perA, B,C ; D, E, pentagoni angulos tranfi-

bif. QE.F.
Schol. .'

Eadem aree circaquamlibet figuram =qeila
teram & mquiangulam civculus defcribetur.

F 4 . PROP.
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EVCLIDIS Elementoruis

. PRoeP XV. Probl.15.
A In dato” circulo G-
. ABCDEF hexag:
num ¢ equilaternm
\F o «quiangulum A B-
CDEF inferibere. -
Duc diametrum
A Dy 5-centro D per
g centrum G defcribe
circulum , qui ‘datum
‘fecerinC , & E. duc
- diamétros CF , EB.
jungeA B:BC ? CDh,
DE,EF, F A Dico
fatum.
Nam ang. CGD s — [ 2 Rett.s =DGE)=

AGFb—AGB.cergo BGC=—! 2 Reét.—FGE.

-+ d ergo arcus ¢ & fubtenfz AB,’BC,CD,DE,

EF zquantur. Hexagonum igitur ®quilaterum
eft : fed & zquiangulum, f quia fioguli cjus an-
guli arcubus tafiftune :equalibus. Q.E.F.

i‘arnt! .

_x.Hinc latus Hexagoni circulo infcripti femi-
diametro zquale eft.

2. Hinc {acile triangulum zquilaterum ACE,

in circulo defcribetur.
Schol. Probl

Hexagonum srdinatum fuper data yefta C D ita
conftrues. 8 Fac triangulum CGD zquilaterot
fuperdata CD. centro G per C, & D defcri-
be circulun. Is-capiet Hexagonum fuper data *
CD. ‘ T . .

ProPr.

|




Liber- 17,
"Proop. XVL Prbl 14,
COA

" Indato circulo AEBC quindecagonam equila~
terum ¢ equiangulum infcribere. .

Dato circnlo einferibe pentagonum ®quila- aw. ¢
terum AEFGH ; b itemque triangulum #quila- ®3 4
terum ABC. erit BF Jatus quindecagoni quaiiti.

Namarcus ABcet!, vel 3 peripheri@, cu~ ¢ ontr
jus AF eﬁ; vel T;', ergo rreliquus B F= P
riph. ergo quindecagonum,cujus latus BF, &<
quilaterum eft ; fed & zquiangulum ;d cum il 4,,
guli ¢jus anguli arcubus infiftant xqualibus’y
quorum-unufquifque eft *3 totius circumferen-
uz.ergo,&c. . 0 .

- Schl. B
Circulus di- #4.8,16,&¢. per 6,4, & 9.1+
viditur Geo-)3.6; 12,&¢. per15,4,& 9.1.
metrigce in * 5, 10,20,8c. per 11,4, & 9, T
partes 15,30560,&%c.per 16,4 & 95 1.
Ceterum divifio circumferentiz in partes datas:
*etiamnum defideraryr;quare pro figurarum qua-
rumcung; ordinataram conftru@ionibus fxpe ad
mechanica artificia recurrendum eft , propter

quz Geometra pradtici confulendi funt. ,
‘ ' L1B
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LIB V. S
Definitiones. ' ‘
) . (
Ars eft magnirudo magni(_udi-‘
nis, minormajoris , cul mioot
metitur majorem. . {
11 Mulntiplex autem eft major  }.¢
. ; minotis, cum minor metiturmas  { y
]orem. - - g

I11. Ratjo eft duarum magnitudinum ejuf-
dem generis mucua quadam {ccundum quanti~ |
tatem habitudo. . )

In omni ratione eq quantitas ; que ad aliam re- o
Sfevear, dicitur angecedens ratéonis; et veroyadquan |
aliavefertur , confequens rationis dici folet. wti® 4 ¢
rasione 6 ad 4; antecedens ef8 6, & confequens 4. ;.

Nota. ‘ I

Cujnfque vationis quantitas innotefeit dividendo
anzecedentens per confequengem. ur yaiio 1% ad § ,
effertur per ‘;. item guantitas rasion’y Aad B oft
A 4 i

B+ Quwre nonvaro brevisatis saufe o quantitates
.

. : C
vétionum fic defignamas , g-:—,fuel =,vel I55

tile
o
g
o
b
boc eft, ratio A ad B muajor eft vatione Cad D “51
wel ¢i equalis > vel minor. Quod probe awimad- !
versat,\guifguis bec legere walet, : |t
Rationis,froeproporeionis fpecies,qe diviffomesvi- o |

de apud intespretes. R B
1'V. Proportio vero eft rationum fimilitudo. 4 o
Reftius qra hic vertitur proportiv, proportions-
Bites, (foe analogia dicitur 5 nam proportio idem de- - J fry
notat guad ragio, ut pievifque placet. o
V. Rationem habere inter fe magnitudines by
dicuntur , quz polfuat muliiplicate fe mutuo - -
faperate. ’ . dy
RS vi. In




Liber V. . .
E, xz.lA, 4 B,6.[ G asg V1§ In ez

F, 30.
? goitudines di-

cunturefle , prima A ad fecundamB, & tertia

C ad quartam D, cum prim® A , & terriz €
equemultiplicia E; & F i fecund= B , & quar-
tz D zquemultiplicibus G , & H, qualifcunque
fit hec multiplicatio, utrumque E, F b utrogque
. G, H,vel una deficiunt, vel una zqualia funt ,
vel unaexcedunt  fi ea fumantutE, G; & F, B
qu inter fe refpondent. :
"Hufus nota eff ::. ut A. B2 C. D. hoc eff
AddB, & Cad D in eadem funt ratione. alia
quando fic feribimus .’?:g ideff,A.B::C.D.
VIL.Eandem autem habentes rationem (A.B::
C.D) proportionales voceatur. R
E.30. ]A,6.B,4.1G,28. VIIL Qum
Fy60. | C13.Dy9. | H, 63. vero  =quemul-
‘ : tiplicium, E mul-
tiplex primz magnitudinis A exceflerit G mul-
tiplicem fecundz B ; at F multiplex tertiz €
non excefferit H multiplicem quartz D; tuné
prima A' ad fecundam B majorem rationem
habere dicetur , quam tertia C ad quartam I,
Si ;C—% > neceffariuin non ef} ex buc deﬁaiﬁ;.
nes us E femper excedat G 5 quam F minor eff
guant H; fed conceditur hoe freri poffe. -
IX. Proportio autem in tribus terminis pair-

ciffimis confiftit. Quorum fecunds eff inffar-

duorum,

X. Cum autem tres magnitudines A, B, C
proportionales fuerint , prima A ad terdam C
duplicatam rationem habere dicetur ejus 5 quam
habet ad fecundam B: at quum quatuor magni-
tudines A, B, C,D,proportionales fueriat,prima

A ad quartam D triplicatam rationem habere
' K o dicetur

C,10.D,15. | Hy60. dé ratione ma<

ot
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EVCLIDTS Elementorum

diceturejus > quam. habet ad fecundamB ; &
femper deinceps uno amplius , quamdiu propor
tio extiterit. '

. . o A_A .
Duplicasa ratio exprimitur fre A:; bis. H
eft, ratio A ad C duplicataef} rationis A 4B
- A_A " ;
Trzp(zmta' autem fig=pter. id elt , ratio A d
D ¢riplicata eft rationis A ad B.

s denotat continue proportionales.ut A,B,C,D;-

item 2,6,18,64 funt =
X 1. Homologe; (eu fimiles ratione, magai-
tudines dicuntur , antecedentes quidem antece:
dentibus, confequeates vero confequentibus. -
UcliA.B:C.D;tamA e C 5 quamB &
D homeloge magnitndines dicuntur.
. X11. Alternaratio, eft fumptio antecedentis

ad antecedentem , & coafequentis ad confe- .

uentem.’
mpr A.B:C.D. ergo alterne, vel permin
tando, vel viciffim, A.C :: B. D.per 16. 5. .

Inhac definitione, & 5. fequentibus imponsntsy
nomina [ex modis aygumentand; ; quibus mathema-
rici frequenter ntintur 5 quarum illationumvis ine
nititur propofitionibus bujus libvi , que in explice-
tionibus crzantur. ' )

X111 Inverfaratio ycft fumptio confequen-
tis ceu antecedentis , ad antecedentem velut ad
confequentem. .

veA. B::C. D. ergo inverfe , B.A = D.C,
percor-4,§.

X1IV. Compofiriorationis , eft fumptio 20+
tecedentis cum confequente,cen uaius, ad' ipfam
confequentem. _ .

vt A.B:: C.D. ergocomponendo, A+B-B iz
C~+D.D.per18. 5. . o
+ X V. Dwifiorationis , eft fumptio exceffus »
quo confequentem fuperat antecedens, ad ipfam
confequentent.

n -

tihy




. Liber V. '
¥t A.B::C. D. ergo dividendo , A-B.B 3
C-D.D.per 17.5.

X V L. Converfiorationis , eft fumptio ante-
cedentis ad exceifum , quo fuperat antecedens
ipfam confequenrem. .

Ve A. B :: C. D. ergo per converfam rationem,
A.A-BuC. C-D.percor.19.5.

X VIIL Ex @qualitate ratio eft, fi plures
duabus fint magnitudines , & his aliz multicu-
dine pares , qua binz fumantur, & in eadem
ratione ; cum ut in primis magnitudinibus pri-
ma ad ultimam , fic & in fecundis magnitudini-
bus ptima ad ultimam fefe habuerit, Vel aliter 5
fumptio extremorum , per {ubduitionem me-

dx%um.
VIIIL Ordinata proportio eft , cum fue-
rit quemadmodum antecedens ad confequentem,

A 23 - -
ita antecedens ad confequentem : fuerit etiam ut-

confequens ad aliud quidpiam , ica confequens-
ad aliud quidpiam. . :

Viff A.B::D.E. itenB.C :: E.F. erit ex
€qa0A.C ::D. F. perz2. 5. S ’

X 1X. Percurbata ﬁtem proportio eft ; cum
tribus pofitis magnitudinibus , & aliis , qua fint
his mulritudine pares , ur in pg‘mis quidem
magnitudinibus fe habet anteceddns ad confe-
quentem, ita in fecundis magnitudinibus ante-
cedens ad confequentem : utautem in primis
magnitudinibus confequens ad aliud quidpiam,
fic in fecundis magnitudinibus aliud quirfpiam
ad antecedentem.

7 ffA.B:: F.G.item B.C:: E. F. erit ex
aqno perturbate A. C 11 E. G.per 23. 5.

2X.- Quotlibet magnitudinibus ordine po-
fitis 5 proportio prim# ad ultimam componitur

exproportionibus prime ad fecundam , & fe-:
-cunde ad tertiam > & tertiz ad quartam , & ita.

deinceps, donec extiterit proportio.
Sint

93
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EVCLIDIS Elémentorum '»

Sint quotcunque A,B,C,Ds ex hac def
B¢

A_4A B
5=F+e s
Axioma,
. s quemultiplices eidem multipliciyfust quogs
inter fe xquemultiplices. »

Propr L

A_GS ¥ B.E
¢ 1 K D g

-

L ) 3

Si fint quotcungne magnitudines AB , CD,
quorcungue magnitudinum E, F equalinm numero

[ingule fingularum , &quemnltiplices; quam milti-°

plex eft unius Euna magnitudo A B, tam multi
plices erunt & omhes AB-—+CD ommium E~+-F.

. SingA G, G H, HB _partes quantitatis AB
iph E =quales. item CI, 1K, KD partes quan-
titar’s CD ipfi F pates. Harum ntmerus ik
larum. pomero zqualis P8nitur. Quum igitur
AG4LCla—=E~+F; s & GH~+IK—=E~+Fja &
HB—KD=—E-+F, liguet AB+.CD 2que mul-
toties continere E—+F ; ac una AB unam E cos-

tget. QED. .




Liber V. : ‘

L4
’ - PropP IL -
L1 Siprima A B fecande C ague
e fueris multiplex  atgque tertia D B

uartd F ; fucrit antem oo quinen
B ,‘}%’»G Jecunde C aque multiplex y
atgue fexta EH quarte ¥, erit
@ compsfita prima . cum quinta
] (A G) fecunde C ¢que mudti-
b Pplex, aegue tersia cum fexts (DH)
BY Ef ‘qurek. al
A} Numerus -partivm in A B ipfi
‘ I C =qualium aqualis poskuc
Fv i " numero partium in DE ipfi B
- zqualivm. Item numerus par-
tiom in BG ponrtor 2qualis numero patium
in B M. «ergo numetus partium in- AB+B G sz
quatut bumero parcum io DE~+EH. hogeft
tota AG 2quemuldiplex eft ipfius C, atqueto-
"y taGHiplwsF. Q.E.D. :
d Pror 111 ‘
E* -.x : ! Sit prima A fcc'utl‘ B : )
equemaltiplex 5 atque fevtid C :
guarte L3 fumdnsur astem
¢ ELFM eqremnbiplices pri- ‘
: me o tertte ; erit O ex
4 &quo; fumptarum a1raque uivi-
3 L equemnltiplex : altera Sohy
' . & guidemE] fecunde B 5 altera
aatem .M quarte D.
, Sint EG, GH , HI par-
A b, tes multiplicis E I iph A
' J _pares; item FK, KL, LM
} . partes multiplicis FM ipft
o) { L1.1  tur. porroAsid el EG 5 vel
‘ »&':J\l}‘ FCD G, vl G1 ipfius B peni-

T € ®quales. s Harum nume-s b#.
] rus illaram numero =qua-
by fiiplox atq ; jpfius D
: tur gquesmulciplex atque C,vel FK; &c ]Pﬁbuesrga

)




96. EVCLIDLIS Elementorum
+§.  bergo E G—+GH aquemultiplex eft fecunds
«$e B ,atque FK— KL quartz D. ¢ Simili arge
mento E1 (EH <+ HI) tam multiplex elt
ipfius B ; quam FM (FL <+ L N) iplius D.
Q.E-D:
o Prok iV.

B -1 Siprime A ad fecundam B
: eandem_habuesit’ vationem , &
tertia C ad quariam D 5 esien
E & F equemnliiplices primé
N> erterie C 2d G, ¢ H
aquemultiplices fecunde B , &

tiplicationess , eandem pabebunt

B 1 rationem 5 [T prous intey fe re-
ll _] fpondent 5 ita fumpte fuerint,
EAPGL (E:G:uF.H)

DHEM

Sumel, & KipfarumE, &
FC 21 F; item L & M ipfarum G, &

' II H zquemultiplices. & Eri¢ 1
ipfius A mquemultiplex atque

] K ipfius C ; « pariterque L

5. »
tam multiplex ipfius B quam
M ipftus D. Itaque com Zt A,
i Bp :: C.D ; juxta 6 def. i
#» o 1=, =, "2 L;confequenter
‘ patimodo K~ —,"2 M
] egocuml; & X ipfarum E»

& F fumprz {int zquemulti-
plices, atque L, & M ipfarum G & H ; erit juxta
7.4ef.E.GnF. H. Q.E.D.

Coroll.

[y

&ine demonfliari foles inverfu yatio, .

- NamquoniamA.B::C. D, iE C, =
oy, Goeesithimiliter F o=, ==, T3 H. ergo liquet’

quod

‘ “ 'I.

P

guarte D 5 juxra quamvis mwls:

-




] .. Liber V. ”
quod iG ==, QE s effe He™, »=, “IF

fecunds s :

iw| 4egoB.AuDC. QED. d6ats:
lexe . .. PRor V.

fus : -

g - , Si magnitudo -

< 4&___,_, E B AB magniondi--
) fouerit multiplessarque ablate AE ablass CFjervim
. reliqua EB reliqua FD ita multiplex etit . ut tine:
il ABrotiesCB. S
u Accipe aliam quandam GA,quz reliqua FD” '/ «
””q' ita fit multiplex, atque tota ABtatius CD, v: " ',
¢! ablara AE ablatz CF. & ergo tota GA~FAE -
Y totius CF =+ FD zquemultiplexieft.ac uaz AE ** &
¥ ynius CFyhoc eflsac AB ipfius CD.b g0 GE== b €t
AB, ¢ proinde, ablata commini AE', manet GA. ¢3 4

. == EB. ergo, ‘i‘“o}‘ o 4
"PROF VL

Iy 8 duamagniiudines AB , CD
[dxm»nmgnit inam E > F fint 2.
quemnliiplices ; & detraile quedem
[int; AG,0* CR,yeqandems B, F
G Ry equemnisiplices ; .o religue GB,
| HD eifdem E ; Faut aquales funt,
T | aue que ipfavumomuleipisces. .
| - Nam quiz bumeras partium in
T | [ | A8 ipli B aqualiugs ponitur w-
| quplis sumero pantiumin CD ipfi
e} | FAaelim ; item sumemspar-
‘ - tiinin A G ®qualis sumero par- L
"AEFC tluminCH. fkincA G, inde

Oon cferraﬁan%; #remanet numemspartiumin ;.

. reliqua G B pqualis nurmerd pastiom in B D.
“ergo fi eB fi¢ femel , ' etic HD-etign € femel.
fiGB fit B aliquoties , erit - H ¥ étiam C to~
ties accepta. Q. B.D. - ¢ <. -
: : G -ProF.
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L& oz

aor g §-

. EVCLIDLS Elementoram
Pror VIL .

L Bwale A
Ar— D ""“"———h_, @Bqad en-
B! E ————— fos. . habest

vationems & eadem C ad aquales A o B.
Sumantur D ‘& ‘B zqualium A & Baquw

multiplices ,. & F utcunque multiplex ipfius C;

serit D —E quare fi D £, —,™2 Ferit fimi

licer E c=,"J F. p ergo A. C 21 B. C.inverlt

gitur C. A&e:: C.B. Q.E.D. '

. - Schol, , -
- §i loco mulsiplicis F fumantar. duz 2que

- multiplices. ; éodem modo oftendetur zquales

* ““magnitudines ad alias inter fo aquales candem

habere rationem. :
P R oP VIIL
Inequalium magnitudiiam A B, Cs
tajor A B ad eandels D majorem ratio:
nens babet, quam minoy C. Et eadem
1 - ‘ad minorem C majorem vationem babet 5
- qudm adimajorem AB, |
{ - “Exmajori AB aufer AE=C. fu-
matur HG tam multiplex ipfius AE
D vel C, quam GFreliquz FB. Multi-
STHIY. 'Qﬁcetur% » donec ejus multiplex IK
3 major evadat quam H G, fed migor
31 quamHFE. - o
-1 4 . Quoniam HG ipfius AEs tam mul-
. f tiplexeft , quam GF ipfius EB; b erit
| totaHF tatizs A B mquemultiplex
-} 7} atque una HG unius AE , vel C. erge
A <umH Fo— 1K (que multiplex €t

5 ' ~AB__ C. o
Y 4 '-5:."5 QE. D, .
Iy

o

Rurfus

ixﬁns D) fed. HG 3 1K, e it.

i
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tiber Vi1 T T 99
Rurfus quia I = BGa' at 1K "2 HF {ut
prios iltum) detit%C‘ %" QR D:
. Prab IX .
. ] Qué ad eandem eandéin babént rationens,
’ 'équdlf:[uné finter fe.EY ad quas eadem ean-
{ 1 | dem babet vasionem,ei quogue funs inter fb
: !&’uil“,_ Lo S N
i " i.Hp. Sic& C::B.C. dico AEB;
A BC‘Nam.ﬁt A C?“, vel "D.Hl: 4 efit ided 48, 4.
T v g, conmaBypl
2.8y SR C.B:: C.Ac dic6 A== B. nam
fEACT B, b ugog;—ﬁ-coaﬁ; Hyp.o . vk i
Pror X
' l Ad eandem magnitudinem vationem b |

bentium, que majosesn yationers babet, ille e
‘ | major eft ; ad quain vero eadém majovems

! yationem pabet, illa minor off.
Aad LEPSit§Tg Dico ACB.Nam

fi dicatur A =B, serit A..C:: B.C. contra g,
Hyp. SinA"3 B , b erit g'_f-;-ggt;m_?\jcta'n‘c‘:a R
Hyp.;«_‘-.:' ct,. c T e A

2 Hyp.Sit g5, Dico B3 A: Namdic
B=A.¢etgo C.B:: C. A. contra Hyp. vej °7- 1
dicBTm A, dergo S ctiam contra Hyp. 484

s vy
* PN
& . _4:‘ Y
. 1 . FRRY
1 HEE
- - CRROE
Lo s . Y St
¥



1Gp EVCLID{IS Elementorum

s, PR XL .7 G
G: e (ISECR S
‘A C B- -

B D—+—  F

Ke—r—ren  L———een M ?
'“ %ﬁdlm funt crdems vasiones 5 & inter fefumt L
fepeps. :

“ 5it A'B s B. F.item C. D :: E.F. dicoA.B

12 C.D. fome ipGrym A, C , E zquemulriplics { ¢

. GHL e splaruin B, D), F zquemukiplices | A
. K LM, EtquoniamsA.B::EF.iGCH= | B
.z‘]:';. -4 K, b exit parimodo 1 =~ , =, "D M, paric | K
wsqueuia e E.¥e:.C. D. $1—, ="IM, ] |

1 beritH ﬁgtﬁt&r,r,;‘::j L.exxo GGeE—; = | i

) 2K, ereimiliter A, =, L, c quae | 4,
64fS. 5. B:uC.D. QED. . i
~ Schol. '

. Qug eifdem rationibus funt ezdem rationes,

Junt Juoque inter fecademn. . 1

whow )t P RVep XIL 0 G

G oY M S N
, Ammmetins Oy’ Peees {6

B . . D Fe— ' |l
R - L

—te ] e Mo 46
Sifint magnitudines quotcungue A ;& B3 C &
D; E, & F proportionales; zumdmadum fe diapue-
it wog anpecederigivag. A ad nnem copfequaniipm B,
¢ -d4a fe hgbebunt omngs anpseadenses, A, C, E ad om
. mes pgnfequentes, BD,% ) ‘
=" Sume antecedendpim @quemulciplices GAELY;
' & confequendium K, L, M. Quoniani quam |
4. multiplex eft una G unius A , «tam mulupli- -
' ces funtomnes G, H, I ompium A,C, E; pa- |
‘giterque quam multiplex eft upa K unius B, |
i

l)b

s

-agammuliiplices fupt ompes X, L, M omai-
wmB, D, Fs G, =, "=k, ait ﬁm\x(l;uer ;
: : ~+ .




s
i

#

-

w!f[

i3

A._
R

W Libee w0 Yo1
G-+H~+IC~==, KL+ M. bquare A.B bé.afs.
1t A+C+EB+D4+F, Q. E.D. -

: AT Corol. . S 4

Hinc,»fi Bimitia proportionalia fimilibus pyo-
portiontalibus addantur, totaerint proportionay
lia. ' . Cs

q

Prow ¥HL !,
- - . o 1
G —H. UL { vosamu
A - T ) C o Er . ‘ ~
B u = D Fm i
K I 2 M b,

Siprime A ad fecundam B sandem babuerie tam
tivues quam tertia Cad quartam DitertizveroC
ad quartam D majoreis babuerit vationem, quam
quinta € ad fextam ¥;prima quoque A ad fecundam
B majorem rationem habebit, quam quinta E ad fex

Sume ipfarum A 5 C , E zquemultiplices;
G, H, 1 : iplarumque B, D, ¥ zgle_m\lkipﬁces
K,L, M. QuiaAB 2C.D s AHCTL, aenty gy,
G K. Sed quia gt."% , bfieri potett ut fir b Las
HCL, & T don M. ergo fieri poreftut -
67K, &L non T M. cergo 375 Q.E.D. caa7s.

SCHOL, -
_ + Quodfi§ D ¢ erit quoque§ . Trem 8

A C v . . P o X 27
-3':“-5:'?:::1;%&‘;' & fi 3 “:-i!erx;
‘ - N

"%

q . G 3 PROR:



{102] |

LY

T pmew xiv.
Si prime A ad fecundam B eanden
babueyit yationem , gquam teytia C#
. quartam D; primavero A | quamtettis
" Cmdfoy fuctit; exit & fecunda B majir

»

) guam quareé D. Quod (7 prima A fut- |

vit equalis tevtie C y- erit © fecundaB
equalis guarte D; f{vero A minor,&r B
-1 minor evit, : :

g
et o e

A B .G:D.g 21(5: , prergo % :‘—g 4 érgoB=D.

Similiargumento § A"3C, dericB ™I D. Sin

3

5, ponatur A==C; ergo C.B e:; A.B7::C.Dy

ergo B==D. Quz E. D,
‘ "SCHOL.

~~ A fortiori ?‘ G % 4‘3%;’ atque Ac—C > it
BcD. Itemfi A==B, ¢rit C=D. Eti AT,
vl 738, erit pariter C vl 73n.

[

Propr XV,

Pa;st_u C&F cum 4‘1'iler multipli

B E cibus AB; & DE in eddem funs ratimes

" {7 proms fibi musuo ye[pondent; isa fumar-
tur. (AB.DE:: C'F.) .
7 I|H Sint AG , GB partes multiplics

1" |A BipfiC ®quales ; item DH, HE
partes -multiplicis DE -ipfi F aqua:
les. s Harum numerus illaram nume-

). 'ro zquatur. ergo quum bA G. C;

\C ¥ DH. F; éatque GB. C :: HE. F. cerit

AG+GB(AB)DH-+HE(DE):C.FE’

ProP.

-

EVCLIDIS. Elementorum T

' SitA—C. .ergo%c—%"b.feg v

SO S

l

|

e e ————



- Liber Vo« & . o : ,_3‘05
' Pror XVI.

pommemmmrs g

E

HF— L O
B DY
I3 R S R T

Tao 0o Gy

. Si quatuer magnitudines Ay B, C, Dproportio-

wales furvint 3 > oicifsips proportionales erunt.

(AC:BD) - . - . K

" Accipe E & F zquemultiplices ipfarum A

& B. ipfarumque C & D zquemultiplices G &
~ HltaqueE.Fo:: A.Bb3: CD e G.H Quare sig.4.
A ECT,=S R G ceritimilier P, ==, § 0 o
Hviel’g@A,-C?'B-Df Q.ED. .. ; Y o
' . SCHOL. .. . d6afs.
- Alternaratiolocum tantum habet 5 quande -
quantitates cjufdem fuot generis, Nam Hetero- ¢
gene® quantirates nOQ COMparantur,
Pror  XVIL

N Si  compofite magnitudines

- proportionales fuerint (AB.CB

, 1: DE. FE;) he quoque divife
: L O | proportionales erunt.(AC.CB ::

DF. FE.) s
‘ Accipe GH, HL, IK, KM
M | ordine ®quemultiplices’ ipfa-
rum AC, CB, DF; FE. item
LN, MO zquemultiplices ip-
Lo farum CB,FE. Tota GL toti-" ,
Hp  *  1dsAB stam multiplex eff, et s
K ~quam una GH nnius AC,b id beesgte
\ g |eftquumIK ipfius DF 5¢ hoc €% §-
1 - | et quam tota IM totius DE:
CTg!t Item HN (HL - LN) ipfius
& CB & =quemultiplex eft 5 g,.5.
ac KO (KM ~+ MQ) ipfius
.l : F E. Quum i%iti;r per hyp-.
{40 tAB,BC u DE. EF. i
A D 1gLe™ = "D HN,ctiam fi-
643 - militer




o4 EVCLIDIS Ekmeqtomm ’
of§.  militer ¢ erit IM 5 =;" A KO.aufer hinc inde

zquales HL, KM. fireliquaGH =, 3

:}'.y,‘ * LN,/ erit fimiliter IK =, =, I MO. ¢ unde
,AC.CB :: DF. FE. Q.E.D.
’ r‘gs};:fn. XVIIL _

- |F if Magnitudines fint proportio-
. | : nales (AB.BC:: DE. BF,) bI: gaoqu!
C‘ G compofite proportionales erant (AC.
- |™? CBuDFFE.) ’

3 A, LE 'Namfiferiporeft , fit AB. CB::
- }'| D¥. FG“3¥E. sergo erit divilim
’ 1 AB.BC 3:DG.GF. dhocet DG.
. GF :: OE. EF. ergo cum DG—DE,
© -+ AD ceit GFC~EF, Q.E.A. Simile
# 3. abfurdum fequetur, fi dicatur AB. CB ;: DE.GF
X 3 X .
: £ FE : :

Ikt

Pror XIX
SR & " Si quemadmodum to-
- Am—e——rf=———B  tum ABad totum DE,
C B E-ita oblatum AC fe ba-
" T e ee o[ biterit " ad ablatum D F 3
rrelignuys CB ad reliquum FE , ut totum AB ad
sotum DE, Je babebir. - :
e 'Quosiam ¢ AB. DE:: AC, DF, & erit per-
4 5 myrando AB. AC::DE. D F.¢ ergo divifim
;' Sx 1. AC. CB:: DF. FE, quare rarfus b permutando
* %" AC.DF :: CB.FE;hac eft AB.DE :; CB.FE.
DR D - :
: . covoll.
" 1. Hinc, fi fimilia proportionafia fimilibus
proportionalibus fubducantur,refidua erunt pro-
portiopalia, - ‘
2. Hing demonfirabisuy comverfa vatio,

Sit AB. CB.:; DE. FE. Dico AB. AC :: DE.
L4  DF. Namspermutando AB.DE :: CB. FEber-
.§: AB. DE3: AC. DF. quare iterum petmutan-

52353‘ AC;: DE.- DF, QE,D.

Proe




nde
g

11.’ ’

-

* berit inverfe F.

e10, §;
: Hyp, Slmih rgumento , i A “3C, oftep. ,
det D=

© feste: finilla miner , ba,

ﬁ
Liber v, oy
Prop xx

Sifint tres magmtudmesA »B,C;

. ®udlie D, 1pﬁ: equales nz.
. mero, que blme & in eudtm ratio-

© ne fum¢mur (A.B::p.g, atgue
B.C: 5) ex 440 auiem
! jor fueris, qkam tertia
}

eF. Sin xllammor '
Im' quaque minor eriz,
CHyp. Si A C'“'C. quoniam « E, F::BC,

E:C.B. ¢Sed £‘3~dergo
l- ‘efgoD:"F Q.E. D,

abp

beor. g g

;J[ 4
'E ﬁ'; Vel dﬁbal.l;. g

fr.s. .
3. Iar‘yp SIA C. quoniam F. E:C.B:: &
AR naxemn =F QE.D., = gu

PRrRoop X1
Si fint tyes itudines A B.C;
,l & dlie D, Em«;g o5

"

rp 15 ¢qu4/e.r nK.

mero y que Iaiu@- eadems ragione .
- fumantur R fumque pcmcrlma eo-

T4m proportio (A !
queB. C:: D E; ) e <quo ay. g
tem pmm A qham tertia major R ‘

. D quam fexa
c DE EF major Quod fi prima fuerit ser.

uarta eqaalis .
€ guogre minoy eyit,
1. Myp. AT C. Quoniam oD E:B. C, a s,,.

invertendo erit E.D ;; C. B. atqui —- bva &

i E.F.at-

B (] bs {_.
t ergo




106 EVCLIDIS Elementorum
sol.13. 3, 6 €120 E E A, hoc eft E- “ ergo D . F.

:l/;‘of..' B

Q.E.D
2. Hyp. s|mxlxter,f' A "JC, mt DF.
e7.5. 3. Hyp. Si A=C. quoniamE,De:: C.B y

for 1 sAB:ufE,F.geit D=F. QE,D.
‘PRrRor XXIIL

dines A, B, C 5 o~ alie ipfiy

¢qu¢lemumera D,E,F; qu

bine & in eadem r.maneﬁt-

mantur (A.B:: D.E. &B.

C: E. F;) & ex equali-

Onm in eadem yatiens erant

(A.C:: D.F.) -

. Accxpe G H lpfarum A,
D; &I, Klpfarum ByE;
item L, MipfarumE, F =-

' . quemul(lphcetA B‘ ’ . BE

: S uoniam & x

;:”i. b ex%G I::H.K. eodem

. | . medo, erit L. L :: K.M, er-

¢ 20, § : : %]OEGC—%—V’]?LF;‘:;

5 Cy=>"IM;%rgo

A 6.4 8- ’ ‘12 D.F. Eodem pa&%r ul-

terius C. N:: RO, erit ex

‘zquahAN 'D.0, QED. .-

————
‘-

Qb e

“w\-..-

t‘o—-—_.-
'h

To—

R o e,

- B

Si fint qnammque magniti-

GH|
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|

Liber V.

Proe XXIIL
.Sifint tres magnitndines A,B,C,-

aliggue D> By ¥ ipfis aquales na-

l ‘ . merg, que bine in eaiem ratione

D4t fumanturs fuerit autem perewrbara

\ ‘ eayum proportio. ( A.B:: E. F. &
B.C::D. E. ) esiam ex equalitate

i in eadem rasione evunt,

o>
-

_ Sume G,H, L, ipfarum A,B,D;
item K, L, M ipfajum C, E, ¥
zquemukiplices. eric G. Ha::

. ® o
ol ] -
— e o A—— - D VT{O——

fe juxta 2y, §. quare i G,
\ - =" 3K, erit fimaliterl =,

M. dproinde A:C::D.F. Q.E.D. 4 6. uf. 5.

Eodem modo i1 plures fuerine
’ _magaitadinibus tribus y &c.
v " corall. ‘
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l A B b EF 41 L.M. porroquia s s
6B. C:i D.EBeritc H K LL. bbby
. I ergo GyH;K 5 & LL,M  habent € 43-

-
K

¢ Ex *his {equitur,rationes ex iifdém rationibug ** ¢1s.s-

) inter i L def 8.
compofitas eife inter fe ealdem. item s earun- & 10.4¢f 4

dem rationum eafdem partesinter e ealdem effe.

Pro p XXIV.
Ao ]onme

Si prima AB ad fi-

C———< B - G cundams C eandem habue-

Dermnsfer e vit yationem quam tertia
f—wE H DEuxd guariam ¥ ; babues
vit antem &~ quinta BG ad fecandam C exndem
rationems , quam fexta EH ad quartas ¥ ; etiam
compofita prima cam quinte (AG) ad fecundam C
eandem habebit rationems , quam tertia cum fexta
(DH) ed quarsamF.

 Nar quia ¢ AB. C: ; DE. F. atque ex hyp. Sibs. -

. & iuverfe C. BG :: F. EH, erit b ex ®quali AB.
BG :: DE EH. ‘ergo componendo AG.

BG::DH.EH. *item BG. C :: EH. F. bergo

‘surfus ex 2quo, AG. C : DHLF. Q.E.D.

.

Proew

-~

»

c by




¥o8 EVCLEIDY 8 Elementorum -
B I LT
o TP ROSL XXV, .
: Si quataor magnitudines proportio-
g sales fuerine ( AB.Cp :: . F.)
iR ) maxima AB ¢ minima F religyis
- | - CDo Emajoreserunt.
b‘{

Fiant A G=~E; & CH=F.

G
5. ’ -Quoniam AB. CDs«:: E. Fb:
7 5. AG.CH. ¢ erit AB.CD:: GB.
395 - BD. dfed AB =~ CD. eergo

_ GBC—HD. atquiAG+F == E-b fi
AGE F CH.ergo AG+F +GBE+ o
i 'CH—~+HD; biocett AB —+ F E-+ »
CD. QED. | N
.- Quz fequustur -propofitiones non funt Eu-
elidis ; fed ex-aliis defumipt,ob frequentem éa-
" suoy ufum Euclidzis fubjungi folent. :
 PRrRor XXVL !
A C Si prima ad fecun- b
B Deweeme dam babuerit. majorems
E e ‘ proportionem 5 guam., (
sertia ad quartam; habebit convertends, fecsndi ad
primans minorem propovsionem > guam quarta ad
sertiam. | : .
Sxt%c-jic-)y, Di;o ,'f' "'Zg , Nam ¢oneipe

| 2:1 45

|

E E
3 5. bquare AT E. cergo
: B ~ N
= -E,.dve{ o Q.E. D.

Pror XXVIIL L.
A———eee G . 5i prima ad feeune, '
. = Deewee . dam babuervit majorem . <
Eee... . Propotiiomen, quanm ter- |
" ¥idad quartam; habebit quoque’ vicifsim prima ‘ad |
Ferciam maforenm fiopoxtionems, quam fecwmle ad |

. sjt

garyn, .

JV“ .




t

e Su-

-

Lilm'V' U T

N

SR~ C"~« Dico & C‘-- Nam putag_.%

o
%

[3 XN

.exgoAc.“E bergo & -r:‘- ¢ vel 5 QE:D.3¢
: y .
A%
Siprima ad fecundam habuerit majorem propér-
Yionems y guam servia ad quastam 3 habebit quoque
compofiia primacum fecanda ad fecundem majorom

preperiianens 5 gpam cm[oﬁm seriiacum gur:a od
qu artam, | :
- AB_

Sic rt." chonc EE ¢ ,N:m ‘cogita
GB

DY oy

berie ACC“GC ¢ esgo S dhoc et

Pror xan. o T ks

B?::l?"- uergo ABC“‘GB addt\ttmqne RG, 2105,

. 828,

nc kc $:

QED . ‘t‘f.

: ® ROP XX‘IX.

-

G\_

HTTE
Si rm}m{' fta priwg. com fatmdt ad j‘uuadm

© majorew babuer't proporsionem .’ quam simpefiss,

1ertia cum quarta ad quartam; bab t quoque divi-'

“dends prima ad fecandam majorem proportieness
~qu4mmm: «d gharian,

¥ . AB_DE o 4.

— — e 1 :lh e
, o g Dico :Q,c"' & atellig

f—g pe _sergo AC OC vufer commune

BC berit AB [:"‘GB K ergn Pt C 2 guel 3!‘ 3

Q_E'_éb - . N P 1"0".

1%, ¥
b g.ex.
c B 45
4.
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PrRopr XX X
. B - Si fompofis upn-
A ~—C  macum fecunds od
D-;---i—-%F Jecundam babuerit
a : p_ o maforem propertic-

- nem guam compofi-
m tertia ‘cum quam ad quariam 3 habebic , ref
mwerf' fonem vationis s primacym fecunda ad pri-
mam minerens vationem , qmzm tertia cum quarts

ad tertiam. i "
. AC__D bF
Sit cC £F Dx “ —Jm_:. Nam qma
{  ACe ' D
fyzr.- . __r..., b erie dividendo & 56 c ey cconvef-
18 5 " BC sy EF v
18.5.  tendo lgu:ur e Eﬁf 4 grg?~com;?on'endo
nn QE.D. T
Pror X XXI
A T Si fint tres magni-
B 2 Eeees tudines A, B, C, &
Cevtamnm . Fawes . alie ipfis equales
G——, " dikmero D, E, F;
H - ' fitque major propor-

. tio prime priorsm ad fecandam , guam piime pofte-
riorum ad fecundam ( % — ._) item fecunde pric

orums ad tertiam majop , quam j'ecundt pofferioram
ad tertiam ( B ——-_) erit quique ex ¢qnalttite

ma)or propomo prime priorum ad tmmn 3 qM"’

prime pofteriorum ad m‘mm F F)

. §. G E
°,f Conr.lpc S=F ergo EC_—‘G bcrgo A
5} H—-P d fomus
5. Rurfus puta e=g¢ ergo-‘: — ergo
5.
: H
S "_"a dquare A.._ ’ promde —-C‘ &y VC]
. QE.D o . P R o P

. e ~i—

¥

ki

fo




e Fe

¢ < X

- gYIma

Liber V.
Proer XXXIL
As D Si fint tres magnitue
. B  E——-  dines A,B.C ;o7 alid
Croe | R 1} s equales D, E, F;
G— . . itque major proporiio
H——eees

prime priorum ad fe~
cundam > qnm [mmdc pofteriorum _ad sertiam

(; 7. )mm fecunde ynmm 4d tertiam mas

jor quam pmtc pa]lmmm ad j'msmlnm(_ ::-l)
erit quoz

Heex Aqudlitase major Toporsio prime pri-
mm,qum prime poflerioram od tertiam

=

Hu)uke aeﬁmnlhauo Mane ﬁmxhs ekt de-
mopfirationt praecedentis.

Prop’ XXXTIL

E Si fuerit majot proporsie

A =1 B tm’:;AB ad’totlzq:t? cD,
C——}--D giam ablasi AR ad abls-
¥ tam CF ; erit o reliqui

) EBad reliquum ¥D ma.

for propurtio, quam toting AB adrotam CD.

onmam -~ C“C!, b etit permutando "u?

AB__CD

1884

s

W $4

A5 R © @180 per converﬁonem rationis
“AB__ CD . B
y— w— {
& 5. permutando igitur Di'n
QED. -
v
? ROP
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EVCLIDIS Elementorum
ProPr XXXIV.

) R » S L

E= ——-=  cunque magni
C— F . tadines , & 4
G , - Ge ipfis equa-
les numero , [itque major proportio prime priorsm

o primam pofleriorum, quam fecunde ad fecunddm;

& hac wajar guam tertie ad textians , o fre dein-

“ceps : babebunt ommes prioves [mul ad ommes pofir:

riores imul , majorem proporeionens., quam omnes
prioves, relitaprima , ad omnes pofleriores , reifte
guoque primas minoyens autem,quan prima prioram
ad prisam pofleviornm 3 maforem- deniqye esiam,
guam uitima priovum ad ultimam pofievivrans..
Horun demonflratio \efl penes inteypresesy quos

ddear, qui eam defiderat. nos omiftmus, brevitatis

Sudio s & quizillorum nullus ufusin bis elemens
biy. 0 e




L g T
» LIB VI~ ‘
' . _Dqﬁn_itimn.-

e Imiles  fgure - reilinez. funt
\ 0 (ABC, DCE\;) quz &_anz .
guto‘s fingulos fingulis mquales O

0) K2 habent; atque etiam latera, quz

%% circcum sogules zquales 5 pro<

quts ‘ ) portionalia.’

il g B=DCE;¢»AB.BC::DC.CE.
| itemdng. A= D ; argue BA.AC: CD.DE.

' denique ang. A CB=E. arque B C. CA:i
CE. ED. g .

"11. Reciproce  au-
tem fuot (B B, BE,)
cum_in utraque fipura
G antecegentes , & confe-
b queafes rationum ters .
mini fuerint. (hoc ety

AB.BG :: EB.BC.) .

: F Dt } : .

A peefy , LIL. Secup <
e Q% dum’ extremam
y & mediam ratig-

+ " nem refla liea AB fe@a effe dicitur, camue
y .tota AB‘:X laa]gs fegmentum AC,ita majus fe-
.— gmentum A Cad minus C B fe habuerit. .
%c::AC.CB.) al uenf (AB

H 1 V. Aki-

. Lamteaden.



114 EVCLID IS Elememoruin *
" IV. Altitudo cujufque £
gurz ABC eft linea perpen- *
- diculatis A D , avertice 4

B cad bhﬁm B Cdedua..

V. Ratio gawationibus componi dicitur , cum
.- xationum f“@tes inter fe multiplicate 5 ali-
quam effeckrint rationem. ‘
T Vr ratio A ad C , componitur ex rationibus A .
s0.dif5 - ~A_ Be__Ab_AB
‘16, §. Aade,‘@'B‘ddC.. nam -B--l-é——é—BC

&~0a

[~ o]

Proer I -- A
- Triangnls ABC,
A F ACD, gg:'rfamllela»
gramma BCAE,
CDFA, quorum es-
dem fuerit altitudo ,
ita f&babent interfe,

E’ :

B C D Y srbafes BC, CD.

. & Accipe quotvis BG, HG, ipfi BC zguales;

item DI=—CD. & coniiefte AG, AH; Al f

. 1, b Triangnla ACB, ABG,AG H zquantur;b i-

tem triang. ACD==ADI. ergo wriangulum N

ACH tam multiplex eft trianguli ACB, quam- | f

bafis H C bafis -B C. & xquemultiplex eft tri- | u

ang. ACI trianguli ACP; acbafis C1 bafis CD:

;_9 - _cum igitur 6 HC 7=, " Cl, cerit fimiliter @ v

"% triadg. AHC = ==, "D ACL -dideoque BC, ¥

.CD:: triang’ ABC. ACD:sepgri CE.CF- 4
SQED : R

Py W

- . . DS

L Sehel— g

;
1




g } Schal, :
{;l . u A

-

&

e

A

1 pL CIKE ME
% g srigngsla ABC, D EF , & paralicio- .

gl rzgn:::,;krg %C, D E F H, quorum equales funt

, iﬂ fis BC, EF; itafe babent ut altitudines AIfDK.

3 t 2SumeIL = CB; &KM::EF.;.a;”m e;;:::

R 1A,LG, MD, MH. liquet effe triang. ABC. .6,

AGBC. DEFH. Q.E.D.
’ pr.ob IL

* A Siadwnum trienguli ABC
b latus B C, parallela dulba fucrit

proportionaliter fecabit * ipfins.
triangnli larera (A D. BD &
. ‘ D y EA E. EC.) Etlﬁ'ﬁ?ggulif la- -
T rera proportionaliter [ella _ fue-
A /> \arine (AD. BD:: AR EC)
it RSN, o4 fistioes D, E adjunble
fuerit refta linea DE, erit ad reliqum ipfees trian- .
- gali larns BC parallels. Ducantur CD, BE.
t.Hyp. Quiatriang. DEBa==DEC ; berit ag.v,

4
’b triang. ADE. DBE:: ADE. ECD. atqui®75.

triang, ADE. DBEc5A DI DB, &triang, ., ¢

ADE.DEC¢:: AE.EC, 4ergoAD.DB3: dun 5
, AEEC. : S :
S 72 QuiaAD, DB :; AE. EC. ehog 1.6
}: .eftriang. ADE. DRE:;; ADE. ECD;

ferit triang, DBE==ECD. gergoDE,BC f9 5.

funtparaliele. Q.ED. . - - g9
e Ha Schal, ™

' ; DEF::bALl-DKM::cALDK::‘Apgr. (:q’.‘i."& .
' o
k
|

refte quedam lines DE bec v

Al

1
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Schol. .
_Imo fi plures ad unum triangulifatus paral- | 1
lelz duft fueriat;erint omnia lacerum fegmen- |
ta proportionalia, uc facile deducitur ex hac. E
’ - PRrope IIL :
Sitrianguli BAC angulis | P
BAC bifariam fefbus fit: J-
" cans antem angulum rela li- ]
-nea A°D fecuerit ¢ bafims ]
: befis fegmenta eandem habe-
e e bunp rationem quam veliqué
B D C ipfius trianguli lgsera (D
D Cii: AB.AC.) Et ff bafis [egmenta eandem
babeant vationem quam reliqua ipfius trianguli lase-
‘96 (BD.DC::AB.AC.) reftalinea ADgue | |
-@vertice A ad feltionem D ducitur y bifaviam fecat | B
syianguli ipfius angulum BAC. - - IR
Produc BA 5 & fac AE = AC. & junge CE.
1. #yp., Quoniam AE — AC, erit ang. ACE
. a':Eb:_;_BACc:DAC.AergoDA,CE
5w parallele funt. ¢ quareBA.AE(AC):BD-
7. 1. DC.QEDx . . .. .
& 2.top QuosiamB'A. AC. (AE)3BD.
9. t. DC.ferunt DA, CE parallele : gergo ang.
ez,  BADT=E; &angDACE—ACEh=E. ket
go ang. BAD — DAC. bifectus igitus. eft ang.
BAC. Q.E.D. - \

L

.. RRap 1V, o

“ Equiangulorum triangn- .

. .. forem ABC, DCE pro- ;
<. Poriionalia funt laterg qae G

Circum equales angulos B , ¢

\. "DCE (AB.BCa#DC, )

.B L \:C B, &) ¢ bomologa - 41

B, TG EfunilaersAB, DC, &
" que aqualibus angulis ACB,; Es&ec. fubtenduptur.

|
)
¢ Statue ’T'

I

-~ s




Liber VI, . .

. _ ; 117
Statue latus B C in direftum lateri CE, &
4 producB A, acED doneca occurrant. TR
il "Quoniam ang. B == ECD, cfunt B F, C D &'3*»
g parallelz. Item quia ang BCA b — CEDycfunt «:8.1.

hic ‘ € A, EF parallele. Figaraigitur CA'F Deett
i parallelogramma. dergo # F=C D; d& A C ds41.

a"l =¥ D, Liquetigifur AB. AF (C»)e::BC, **&:

f"’ﬂ CE. fpermutande igitur AB. BC:: CD.CE. £16.5.

k- oitem BC.CE:: FD. (A C) DE.fergo per-
b mutando BC. AC 3 CE. DE. quare etiamgex’
¥ #quoAB.AC::CD.DE.ergo, &c. . &
ehifp : Coroll. .

(% HiocAB.DC ::BC. CE :; AC. DE.

nd? Schol. :

W’E _Hjnc fiin triangulo FBE ducatur uni lateri FE .
#:  parallela AC ; erit triangulum ABC fumile tati
“¥.  FBE. 3 S

R

P ~PrOPR V. .
£ S Si duo triangu= . .
a2’ . WABC,DEF ~
" latera proportiond-
- Fiia bab'mfé, (AB.

BCuDbDEEF.
& AC. BC i
D'F. EF. item
B CGQ"  fplacupE
. DF) equiangala evant triangila; & gquales bubess
| bunt eos angulos,fub quibus homologa latera fubten-
duntur. )
. " AdlausEFefacang. FEG =B a & ang. 54;.4.
EFG == C, b quare etiam ang. G == A. ergo b1
GE-EF ¢::AB.BC &:dDE. EF. eergo §1%

- GE=DE.- Item GF FEc:: AC. CBd: cau;.{.

DEF. FE. gergo GF= DF. T;iér‘xgula igitur g0 %

¢ :DEF, GEF fbi mutuo 2quilateta fuor, ferge
© ang, D= G=A. f& ang. FED=—FEG—B-
§ proinde & ang. DFE '.;—1 C. ergo, &c. ‘
: 3

2338\
PROP.
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Pror VI

i Si duo thiane
D gulz A B C,

A

qualem 5 o oir-

B ol o cam gquales an- f

X gulos B, DEF
latera proportionalia habuerint (AB.BC::DE.
EF; ) equiangula erant triangule ABC,DEF;
wqualefque habebunt angulos , fub quibus bomologa

: latera fubtenduntur.
sb. & Adfatus E F fac ang. FEG—B, & ang. EFG

E F unum an-
gulum B uni an-
E v gulo DEF « |

Y. =—=C.sunde&.ang. G=A. ergo GE. EFbi: °

25 AB.BCc: DB EF.dergo DE = GE. aigyi
snftr: - ang. EFe—=Bf—GEF, g ergo ang. D
4. = G=A. bproindectiamang. EFD= C.
34 Q.E.D. ' .

ProOP Vi e
- " Si dup rrianguis |
B A D ABC, DEF smin

§ angulum A uni angh-
. & antem  alios angwlos
A B C, E laterapro-

‘ E portionalia  habeant
(AB.BC :: DE. £ F;) veliguorum antem f-
wiul utrungue C, F aut minorem  aut won minorens
yefto, equiangula erunt triangula ABC, DEF, &
wequales babebunt eos angulos circum quos proporsite

. nalia funt atera. - -0 .« .
Nam £ fieri poteft , fit ang. ABC—E. fac
jgitur ang, ABG = E; ergo cum ang.A #>=D»
b erit etiam ang. AGB —F. ergo AB. BG ¢
. DE EF :: AB. BC. eergo BG == BC. [ ergo

>ald

oD qqualegr_; 4 cires

[

>

{ M

4
a
Y

)

"oy

fins, 305 BGC=BCG, gergo ang. BGC. velC | &
N - N minot - !

- A1




) Liber V1. ‘ 119 .
i P ‘minot eft refo; gpwmde ang. AGB, vel F re. gemy.r.
L &o major eft. ergb anguliC & F non funt e.

jufdem fpeciei,.contra Hyp-

oo it i

ABe " Propr VIIL

ey o Si in triangélo re-

Y ‘ A Gangulo ABC', ¢b an-

EF B ulo reflo BAC in

) #8h ia[‘ n B Cperpendicu<

s ¢ laris AD dsBla off;

D " ghe ad perpendicula- .
2D S D C yem triangila AD B,

DE! B . ADC , tkm toti trian-

i o, ABC tum dmter fosfimilia funs. .
B Nam ang. Kf s—=BDAs=CD A & i,

EFf - ang, BADb""C &CADb"‘B ergoperb!'- .
Fbr 4.6.&1def6. .

agr ‘coroll :

D Hinc 1. BD. DA ¢:: DA. DG crdf
2 1. BC. AC ..AC;DC &CB

' BA ::BA. BD. N

:zvn-'f P R 0 P ‘I xf

ot S " oA data re&n

i ' . lmm A B im-.

”"f‘,’ peratam partem

e 5 (A Gyauferre.

W:‘,s‘ Ex A duc

("""'t mﬁmtam AC

Ji! utcung;,in qua

" ¢ fume tres sagr, .
. AD,DE,EF

. FB b bf!quales ut-
curique, junge F B, cu1 ex c ¢!

‘ DGqutoJfa e u parall lam 5t ,
e Nam GB. AGe:; FD AD ergo.d com~ ¢1.6.
B poqendo AB. AG :: AF. ‘AD. ergo cum AD"“ dd 5,
’ AF, erit AG AB Q,
. ToHg ~' ) _Pnbr.



120 EVCLIDIS Elemensoy,
‘PEop x . o
C Diatams veRam linean

» AB infellam _fimiliter
N Juare {in F, G,) =

49 N fuerit (i»D>E.).
. v Extremitates fellz
& F €3 & infe@a jungat refta

Wi C. Huic ex puniis E, D « duc parallelas
E G, D Freéte fecandz occurrentes in G, &
F.Dito fa®tum,. - ' '

6. . ¢ Ducatur enim DH parall. A B. Eftque AD.

&8 DEb:AF.FG&DE.ECH;;DI IHey

- ¥G.GB. QRF.

‘ Scholinm, -

1 HincdifcimusveBam datem A B in guorvise-
' . gwales pavees'(putas.) fecare. id quioc fac:lms.
- preftabitur fic; - .. - A
. ~Dtc infinitam AD,eique parallelam BH etiam |
‘infinitam. Ex his cape partes xquales ARSRS,
SV, VN; & BZ, ZX, XT, TL; in fingulis una
. . - Pﬂu-

data altera A C, febta

.

————



-

Liber VI. ' 121

_pauciores , quam defidereatur in AB; tum reftz

ducantur LR, TS, XV, ZN. hz quinquife- -
cabunt datam A B, ) '

NamRL,$T,VX, N Zeparallele funt. , , o ;
ergoquum A R, R §, SV, V N zquales fint, deonfr,
¢ erunt AM, MO, OP, PQ_zquales. Similiter ©*&

" quiaBZ=ZX, erit BQ= QP. ergo A B quin-

quifeftaeft. Q. E.F.
' Pror XL

Datis duabus
* yelbislineis A B,
A D, tertiam
. pto%orﬁmlm
‘ C D Einvenire. -
. ‘ ~ JungeBD,
Sex ABprotralta fume BC—=AD. per C
duc CE parall. BD. cul occurrat A D pro- -
duta in E. Erit D E expetita, S
Nam AB.#BG.(AD) :: AD,DE. Q.E.F. 216,

. Velfic,fac ang. ABC re&;mn
& ang. ACD etiam reftum
beritAB.BC:;RC.BD.

’ bnr,—q;

(AN

v



122 EVCLIDIS Elemcm,m'm v ‘1

- Pror xIp.

» ' E"If‘f F

Tribus datis veltis lineis DE, E §,D G, guar-
tam proportionalem GH invenire. o
Conneltatur E G. per F duc F H parall. EG,
cut occurrac D G proedu@ta ad H. tiquet effe
2.6. DE.EFe:;DG.GH. Q. E.F. -

D - veit ¢D=cB+BDat
A@vp, apta circulo. “Circino fume A B,
", g Erit ABx BE= CBx BD.; quz-

C [©ABCB:BD/BE.

L
e

P RoPr XIIL

Diiabus datit re<
F & lineis AE, EB>
mediam pmpmia-
nalem E F adinve
nire. .
. . EB Super tota A'B
diametro defcribe femicirculum AF B. Ex E

erige perpendicularem E F occurrentem peri--

phetizin F. DicoAE. EF :: EF. E B. Du-
3. canturenim AF, & FB. Ex trianguliaretan-

gult

b

|
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Liber VI, 1 123

guli AFB reto angulo dedufla eft FEbafi

Coroll,

: E?Eugiadaris 360 AE.FEuFE EB. 06

Hinc, linea refta, qua' in circulo 4 quovis

puntto diametri , ipfi diametro perpendicularis
ducitur ad circumferentiam ufque,media eft pro-
portionalis interduo diametri fegmenta.

Pror XIV. .

C - - Byualivm 5 &
2} H wwm A B C .uni

Q@  bentium angulum
pavallelogremmorim

F - Junt lagere que cir-

EBG «qualem ha~ =

BD, BF, reiproca -

Lo L e ewm - equales angx- L
les. (AB.BG: EB.BC:} Et quorum paral-
lelogrammorumsB D 5 BF, snum angslum AB C

“aniangulo EB G equalem habentium 5 yeciproca

funt latera que circum equales angulos yilla funt
equatia. IR :
- Namlatera A B, B G citca zquales. anpulos

faciant unam reftam: 4 quare E ByB C ietiam in afik. 15.1.

direftum jacebunt. Producantur ¥G; DC ; do-
pecoccurrant.”’ : oot
. 1.Hyp AB. BGb:: BD. BH¢:: BF.BH 4::

. BE.BC.. ergo, &c. '

3. Hy. BD.BHf:: AB.BG£:: BE.BCh:

BF.BH, kergo Pgr. BD==BF. Q.E.D.

pRo¥

b,
o
[ 215
£,
i"’
L Y
[

1

ol )
mﬁ?

o

[
& 95
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124  EVCLIDIS Elementorum
PROP XV.
A - Equalivm , & umins

'qualem habentinm angh-

inm triangulorumABCs

D BE, reciproca fun

KL latera, gue circam «-

: N quales angules (AB.

, BE :: DB.BC) : B# gworum triangulorum ABC,

D BE; snumanguiuny AB C uni D B E equalem

babentium reciproca funt laxera , qu civcum aqud-

les angules (AB. B:E :: DB, B C.) illa funt
agualia. . -

' Latera C B, B D circa 2quales angulos, fla«

g1 tiantur fibiin diteum ; o ergo A BE eft relta

fib.1 ¢

.:fs. + "linea. ducatur C E, .

7% - 1Hyp. AB/BEb:: triang. ABC, CBE
g, 222 triang DBE. CBE. d:: DB. BC. ¢ ergo; &c.
¥ * 2. Hyp. Triadg."ABC. CBEf:: AB. BEg:
1.6, DB. BC#:: triang. DBE. CBE. & ergo triang,
1,6 9.5 ABC:—=DBE. ' Q.E.D. . _

- .7 Prom XVL

Be. ¥
Si quatuor velke linee proportignales fuerimt
: (A.n.q;;ﬁ 3 EE-CRy ) .quodfub extremis A B ,
_ CB comprehenditur.rebbanguium AC equale e} eis
: gquod fub mediis EF, F G comprehenditur ; reflan-
~ guio B G. Et ff fub extvemis comprebenfum reftan-
gulum A C equale fuerit ei , quod fub mediis com-
vehenditur vefangulo E G ille quasuor relle linea
ropertienales eruns (AB. FG :; EF. CB.)

1. Hyp-

A

ABC, uni DBE ¢ |

——




]

[

' i
.

iy
B)t

R .
1. Hyp. Anguli B & F relli , aca proinde an.es,
pares funt 3 atque ex hyp. AB. FG:: EF. CB.
bergore@tang. AC = EG. Q.E.D. b
2. Hyp. ¢ ReCtang. AC=—=E G ; atque ang. ,,“,' -
B=F;dqgoAB.FG:: EF.CB. QE.D. disé

coroll. .
Hincad datam reftam lineam A B facile oft
datam reCtangulum E G applicare , efaciendo en. 6.
AB. EF :: FG.BC. o

ProP XVIL

e

S tres refbe linea fint prp[éft'iaule's (A®B.
EEEF.CB,) quod fubexiremis AB, CRB
comprehenditur reifangulum- A €yequale eft i,
queda media BT deforibitur 5 - quadrate -G, Et
£ fub extremis A B , C B comprebenfum reltangy-
lum A C, equale fit ¢i ; quod dmedia EF deferi-
bitur, quadrato B G, ille sres vella linea proportio-
uales evint (AB, EF 3: EF. CB.

Accipe FG—EE. ' e :
L.Hyp. AB.EF2:EF (FG.)CB. ergo ey
‘Rgftfng ACb— EGe—EFq. Q. ED. ~ 2€G,
2. Hyp. Rellang. A Cd = quade. EG == abyr.
EFg.cergo AB. EF :: FG(BF.)BC. - .
, o covell. .
itAigB— S0 N
Sit AigB—=Cgq. ergo A | c» ProF
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3. L.

onfir,
L

'

[
. &6,

-

EVCLIDIS Elementortns
Pror XVIIL

N B
A "B ¢ b, |

A data veita linea AB dato.veflilineo CEFD
fimile fimiliterque pofitum reitilinenm AGHB de-
feribere. : !

Datum redilineum refolve in triangula. #
fac apg. ABH— D; s & ang. BAH—DCF3;
e&kang. AHG—=CFE;s&ang. HAG=
FCE. Retilineum AGHB eft quafitum.

Nam ang.Bs — D. & ang. BAH »— DCF.
¢ quaré ang. AHB = CFD; bitem ang. HAG
== FCE; b & ang, AHG — CFE. quare ang.

G=E ; & totus ang. GAB4 == ECD; & totus

 GHBZ— EFD. Polygona igitur fibi mutun

xquiangula funt. Porroob trigona zquiaxgur
13, AB.BHe:: CD.DF. & AG, GH.¢:;: CE
EF. item AG. AH. ¢:: CE.CF. & AH. AB.::
CF. CD. funde ex zquo AG.AB:: CE.CD.
eodem mode GH HB:: EF. FD. g ergo polygo*
pa ABHG , CDFE fimilia fimiliterque pofita
exifflunt. Q.E.F. o .

Pror XIX

A ' Similia tyian-
. o D gl:t ‘ABC,
T ' EF funt in

_ . ,  duplicata rati~’
s A . one laterum ho~
mologorum B C .

B G CE_ _FEF
sFiat DC,EF}:E F.BG. & ducatui AG.
- g

=



. ADE, FIK dividuniur 5 & numero equalic  ©*

S

o Liber VI, 127
. ija‘AB. DEb:: BC.EF s:: EF. BG.& ang, bew.g. 6

. B—E; derittriang. ABG=DEF. verum G eonfir.

v - g 918.6,
triang. ABC. ABG ¢:BC.BG; & r = ;I'o.‘lcfg

—BC,. . ABC ABC . g4,
= ﬁbx§ 3 ergo triang, == hoc f:ﬂ £ =

.c ABG DEF N
iF bis. Q__E. D. 4
.
Coroll. * .
Hin, G tres linee B C, EF, B G propontio- _

nales fuerint ; ut eft prima ad terciam s ita et eri- y'
angulum fuper primam B C defcriptum ad tris N
anﬁulum fuper fecundam EF fimile fimiliterque . ;
defcriptum. vel ita eft triangulum {aper fecun-

dam EF defcriptum ad triangulum faper tertiam
fimile fimiliterque deferiptum.- -

i

!

"PRrRoOP XX. S ' \t
|

C.

Similia polygima- ABCDE , FGHIK in fimilia
tringula ABC,FGH; ¢AED, FHI, &

hfmologa taris. (ABC. FGH:: ABCDE.
‘FGHIK::ACD.FHI:; ADE.FIK.) &

. " polygong ABCDE's FGHIK duplicatam babent

eam'inter ferationem 5 %—‘mm latus homologum B C
4 bomologum lasws G L C o Nam



128

abf-
b 6.6, '

e byp.
d 3.8%,

£33, bo/

19 6.

 op. &
6. 5.
hfeh.23 5.
R A3 5.

186

- HFI:DEA. I

. EVCLIDIS Elementorum ,

1. Namang. B6=—=G; & AB.BC.;:FG.
G.H.é ergo triangula ABC, FGH 2quiangula
font. eodem modo, triangula A ED, F K I affi

“milantur. cum igitur ang. BCA p == GHF; &
-znﬁ. ADEb= FIK ; totique anguli BCD,
GHI

; arque toti CDE , BIK ¢ pares fint, dre-
manent ang. ACDg=FHI; &ang. ADC=
FIH; e unde_ etia Yapg. CAD = HFI. ergo
tiangula ACD, FHI fimilia funt. ergo , &c.

‘2. Quoniam igitur trian%ula ‘BCA, GHF
Fimilia funt, ferit g = o= bis. ob eandem

CAD __CD- (. . . iang. D23=
caufam 57 = wr bis.denique triang. ‘:x F

DE 1 .
¢ bis.quarecum BC. GHg::CD. Hlgn

DE- IK, b erit trian%(. BCA.GHF:CAD.
BC, .
FGHIK :: ==bis.
Coroll,
1, Hinc , fi fuerint tres linex refte propor-

tionales; ut eft prima ad tertiam , ita erit poly-
§onum fuper primam defcriptum ad polygonum

uper {ecundam fimile {imiliterque defcriptum. -

velira erit polygonum fuper fecundam defcri-
ptum ad polygonum fuper tertiam fimile fimili-
terque defcriptum.

. Unde elicitur methodus figuram quamvis retti-
lineam augendi vel minkend: in ratione duta. Vi ff
-welis pentagoni; cujus lasus C D,alind facere quin-
“supinm. inter AB, & 5 AB inpeni mediam proper-

tionalem. Super hac * confirue pentagonum, fimile
: o

- dato. boc eriv quintuplym dati. -
~ 1 LHinc etiam , fi figurarum familium homeo-
-loga latera nata fuerint , etigm propertio figura-

* « raminnotefcet ; nempe inveniendo tertiam pro-

portionalem.

‘ ‘ ‘ v PhO‘Pc /

F:: kpolyg. ABCDB. |




3
st
g
14¢]
SHE;
B0,
it 4
()
L & _
'&;r A c R . !
G& !
e 2e(ABC, DIE) ¢idem reltilineo HF G
24} funt fimiliay ¢ intey [¢ funt fimilig,
F | amaug.At':Hl:D.&a_x_ngACl:Gu.Jnﬂ.
14 .‘:E,‘&ang.Bs:Ftl:I.litemAB.AC:: ‘
D HF.HG::DI.DE.A&AC. CB: HG.
B GF::D.E.EI.&AB.BC::HF.E%}L:DI.
E. q¢ ABC,DIEﬁmiliafunt., :E.D.
. 'rgopnor,xx,u.‘ o
X Lt‘%'
. o
o ’ K : - .
)lr . . A D
7] ’ ) -
| ATTREHE
i

[

(AN f. ij.ﬂ‘—““

. Q 4

.3 quatuor velle lineg Proportionales Suering
B.CD:EF.GH. ab eis reilineq [~
milia fimilitergue deferipea Proporticaalia epyps,
A CDK:EM. \) Bt £3 reftis lineis
fimiliq ﬁ'milim'que deferipea relilinea proportiong.
i 1 EM.GO) pfe etiam ye-
«Linee proportionales erant.(AB.CD ::EF.GH.)
) = cpbis—=e 2L bis,— :—g— 19.6,
€DK — ¢p [T i .
hergoABI. CDK:: EM. GO. Q.E.D. ‘ ; S

. ‘ AB " ABIL, " Em — EE oy
. Hyp, s bis — SRl = so°—an 2.

; deorss §.
bis. ¢80 AB. €D :: EF.'GH. Q. E.D. ¢

Schol.
\




130 EVCLIDN‘ Elmemomm ‘ 1
- Sghol.

Hinc dedusitur , & dmonﬂmur ratio mnlnplx-
‘cand; quartitales ﬁcrdq: ex gp Sit & s mylti-
plicandus in 4/ 3. dico pravenireq/ 15.Napex
multipficationis definitione debet efle; 1.4/ 35
o/ s produft. ergo perhane , q. 1. q-v35%
- 459 produ@. hoc eft. 1. 3 3 5+ q- produt
‘¢rgo q.pradud. eft 15. quare V 35 eft produétus

ex4/3 iR 1/ Q.E.D.

THEOR.

. Sirelta lmu AB fe&a fit utcunque inD,re
Gangulum ﬁ(b}umbm‘ A D, DB comeytum » ef
medym prop teg carum quadrgta. Item
n&pmgwlu contmtu Sub rya A B, @ uga parte
‘ » vel DB, eft megiuny p o740 ale ""V qud-
dm m totins, AE 2 @yq_:_m ryu difle yﬂb :
A D; VCLP
Super diametrumy. AB dcfcnbe. fquprculum
ex I erige normalem DE ogcurrentem periphec
riz io E. junge AE, 3E.
) Liquetefle AD. DE#:: DE, DB bergg .
"ATDgq. D.Eq :: DEq. ngb..chpc e, ADg 1
ADE . ADB. DBg. -
Porto, BA.AE4:AE.AD. cergoBAq; 1
AEq:: AE Am £ hog et BAg. BAD
“"BAD. Eodem modo, ABq. A -’-, r
ABD. BD Q- E.D. '
. Vel ﬁc,ﬁ't Z—A~+Eli uet effe. Aq AE "A [
_EnsAR. lq item Zq. e Zi A .lZA- (]
Aq. & Z§. ZE e Z.Ex ze.ng. :

tr. Mlerig.

' o -4

>
[ -]
o

. a
&

ARR o

[}
bt

‘Pror




Liber ¥F, .

, \ 131
§ PR ar XMXILL
| AR R - Egpiangula paralle-
|l (B[ tgrammeic €k i
S ter fe- yationem. habent
i‘ Y eans: qhe ex lateribas.
3 - r * combamibyy. (RSB
- \ . I‘.?"’P“".“&t- 'C.‘F"&;
o R ' BN
* Liatesa 'circa zquales angulos €afibiin iz 45,
reftum Ratuantury & conigl%:m_rparallelogram@ Mk ;

mu‘mACH."Ac e o .
’ P — ., CHe B8 DC broafy,
R =Rt G TGt @ e

QED: . oo e

- Corell.

“Hinc & ex 34. 1. patee primo, Triangula , que ArdrTeey,
wnunz angulum (ad € equalews habent 5, yationem 15-5.
babere ex rationibus reftaram ; AC ad CB, &K LE
! ad CF, equalem angulum continentinm. -

o » Patet fecunds

. = ’ Bellangula ac™ fro,; TS
g . inde @ parallelo- ’

(RN S ; ‘Bgramma- qkecunque
A . ¢ F ratbionem inter  fe
» ** I babere  tompofiram
o Z; % rztianibufﬂfl‘m{f:
i o ad bafim 5 & alti-
t ( : H ke s tudinis ad  altitu-

1 dinem. Neque ali-

pye T Sy e de triangulis
e T ratiocinaberis.

afPatet testio 5 Quemodgy trpamgulotnam. ac paral-

- Rlsgrammorum propovtio. exbiberi. pofiit: Sunto

. .parallel@ggamm» k&.Z ; quorum bafes A.Cy’

s drudines vero CL,.€F.. Fiat CL.. CF

QRO Meit X Z: A.G.O., o

. I . "PERoP.

a



132 -EVC LIDTIS Elementorum /
P R b.P XXIV.” i
o nye I pmni parallelogrammo | ko
\’A A g - DA CD, qﬁa 'cirmgdiamt- .
E N R trum A C. . fune. pavallell- | A
NENE -1 gdmm‘fE[‘:'G sHE, & ui
™ I & inter [e [unt fimilia.
P “ \ . "Nam parall\elogramma
EG, HF habgot fingula inufiagolum com
toto communein.« ergo-toti & fibi mutio zqui-
as9.0.  apgulafunt.eltém'tam triangulaABC,AE 1
> 7 JHC, quam criapgula ADC 5 AGI, IFC funt
joter'fe zquiahgula. bergo AE EI::.AB. BC,
46 . | parque AEx AL:{ AB.AC b& AL AG: AC.
e g v AD. ¢'ex zqualk igitar; AE: AG.:: AB.'AD.
d1df6  gergoPgra. EG, BD fimilia funt. eodesi miodo

HF, BD fimilia funt, erga, &c. y
: P RoP XXV. - t
Corte i Lol
N - N m
N k
-
g — '
1 ‘LM N a .
RN

Datoveitilineo ABEDC fimile ﬁ'milimqm}{'\.' ).

firum B, idemque alteri daso F equale, conflituere. X

5. ¢ Facreftang. AL — ABEDC. b item fuper - ¢

‘6. BL factriang. BM=F. lnter AB,BH,i ’1 y

* - veni mediam proportiomalemi N O. fuper N{a P
= L. - ‘ C

2
¥
<

i



E- 2 S

.
[}

' EF.dproinde EH = ER.fQ.E.A.

l

\

|
|
{

Y

Liber V1. 333

dfac povlbygbnum’ ? fimile dato ABEDC. Ecit 4 8 &

hoc 2quale daw F,

AL.BM. ergo Pg=BMb—F. Q.E.F,

e wra06b.

’ N £1.6
Nam AB EDC(AL-)P:: ¢eAB. BHf I g‘:t ’,

Proe XXVL - S

i Si % paralicloprammo
A‘ BABCD paralielogrammuns.

AGF Eablatum fit y ¢ fi-
mile toii 5 & fimiliter pofi-
tum 5 sommuncm cam éoha~
‘ ¢ bens.angulim -EAG; boc
D - circa eandem cum toto “did-
oo metwim AC confifler, -
. §i negas AC effe commutiem diametruim 5
efto diameter AHC fecans EFin H. & dacarur,
Hlpamall AE. Paraliclogramma E 1, D 84fi- a14.6.
mihia fant. bergo AE.EH :: AD. DCé: AR, 2},‘}‘_"‘"

dg. 1.
i , . fgm,. |
Joo N PRow XXVIL -
S L omminm ‘paralieio
o DN K grammorum A D',
he— 4 A'G fecundum ean-
’_ N dem reftam - lineam -
'F" o fMNdG\L. AB opplicatorum ,
R I £ deficientiumque’ "f.” "
- | -gwris parallelogram-

A C . KB s CE, K1 fmi-

libus s fimilicerque po-

fivis » 6i AD, quedi dimidia deferibienr , maxi-
mum eff AD, quod ad dimidium eft applicasum » fi-'

i \Z\(&xﬁﬁms defeltyi K1, )

Nam quia GE ¢ == G C ; addito communi § z4.s.

LberitKE == CIec== A M. adde commune b 2o

" C G derit A G Gnom. MBL. fed_Gnom- g'.ex.

MBLe™ CE (AD.) ergo AG T2 AD- age™,
QED.

13 . PROPs



r34 EVCLIDIS Blcmmmum \

Proer XXVIIL
ﬁ'.

'N.

i dutum Fleg;um Aineam A PB s dato re&ilzmo

v -Caequale pavaliclagysmmum AP apiplicare
. q:;malkbgnm ZR., que fimilis ﬂtm
parallelogrammo dato ®. * Oporeet antem darum
y.6. ,-e&yhmum C,eni aquale AP qzhc«mﬂtm eftynon
safus effe eo A F, guod ad dimidiom applicarmry fi-
milibus eqﬁﬂmtibur defetlibus 5 & ejus A F qund

o dmdtmappacm. @e,usn > oui frmile de- i
- effedeber. |

|
{
}
\
J

.6 Bifeca A B in E. Super EB.4 fac Ppr. EG |
.45, - fimile dato D. b fitque EG—= C—+ L cfacpgr. |
.6 NT =1, & imiledato D, vel EG. duc diame-

trumFB.acFO=—X N; & FQ=KT. Pe
O & Qduc parallelas SR, QZ. parallelogram-

mum A P eft id quod quaritur.
Nam parallelogramma D, EG, Q_ NT,
e, & ZR dfunt fimilia inter fe. Et Pgr. EG e==NT
ot o+ Ct == O Q ~+ C; fquare C== Gnom.
.  OBQE=AO % PGH==AO -+ EP==AP.

e ‘_2 E.F. . |

s




e vE ‘13§
Pror XXIX

R L ,ON -~ H g
+4d datam yeStem lineam AB, datoveldilineo €
egquale pavallflogrammam AN applicare , excedens

i

fignraparalleh OBRyque fihilis fit paralle-  ~ .
. logrammo altdri dato D. v :
Bifeca A B in'E. foper E B o fac Pgr. EG fi- 3135

.. N % bag. 6.
mile datoD. bfitque pgr. HK =BG+ C,& ©

fmiledato D vel EG. Bac FELc==1H; ¢& 3%
FGM=1K. -per LM duc parajlelas R N,
MN: &AR piraﬁ. NM. ?;og{lr;c BP, GBO.

Duc diametrum FBN. Pgt. AN eft quabtum,

Nam parallelogramma D, HKsL M, EG .
dfimilia font. eergo pgr. O P fimile it pgro 3;:’3
LM, v D.itemL .M?z HKf=EG—+C. frafr,
gorgo C==Gaom. ENG.atqui ALh— LB §3 2=

. k=BMJegpC=AN. QEF. . fga
- & PRrRop XXX - R
. Gy —~B " Propofeansve- -

. Sam limeam ter-
G B minstom A B,
] | extréma ac me-
 da ratione [c-
‘ cave. ﬁ g
D —~ - AG :: LN
. E A F GB.?SM_AB .

a
inG, ifaut ABxBG == AGq pergoB A-
AG:AG. GB: Q.E.F.




36 EVCLIDIS Elementorym
PrROP XXXI

B T

I ;;eﬂar;gnlif m'.mguli:lB AC, ﬁ{«m Fucm‘f ‘
C

BFalatere B C retam angulum B ubten-
dente, defcripta , equalis eft figuris BG , AL , gue
prioriilli B'F fimiles, & fimilitér pofite & lateribus
{3 AyAC rellum angulum continentibus defori-
buntuy. : :

" Abangulo re®oB A C demitte perpendicu-

w8.6 larem A D. QuonjamCB.CA«:: CA.DC. ‘

7306 et BF. AL :: CB. DC; inverfeque A L.

BF :: DC. CB. Item quiaBC; BAa::BA.DB. 9
berit BF. BG :: BC, DB ac iavertendo, BG. 4
4545 BF :: DB.BC.cerge AL ~+ BG. BF:: DC +
w6 1DB.BC.dergo AL +BG— BF. Q.E D.
" Vel fic. BG. BF ¢ :: BAq. BCq.e & AL BF :;

(2 ACq.BCq. fergo BG+AL.BF:: BAq ~+
" ACq. BCq. g ergo cum BAq+ ACq b "'_:B;Cq. !
v, perit BG+AL—=BF. Q E.D. - . }

‘ ' Coroll. N

Ex hac propoﬁﬁohe, addi pofiunt, & fubtrahi - ¥
figore quevis fimiles;eadem methodo, qua qua-

drata adduntix & fubtrabuntur, ia fchc;J .47. 1;
L. R ROP.

!

ey 2t 22
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,r‘nop..,xxxu. '

§i duo trianguls :
C 3 DCE > qua . !
#o  laterq duo%m‘

te ribus Proportio-
Balia bhabeans (AB.
AC:pcC. p E))
‘ A B Jecundum unum an-
* gamA CD COmpofita fuevint , itq ur homoaloga

" eorum laters fint etigm parallels (ABadD G,
" & ACadDE ) tam veligha illjyym triangy-

0Yum laters B C, CEm rectam lineam collocata

Yeperientyp, ) S

Nam ang, A 4 =ACDs=D; g AB.asg. s,

ACh:; DC. DE. ¢ergo ang. B = peE, ergo bhr .
" ang,B—+Ad—ACE, fed an

ﬁ.B‘FA-i-ACBe:z dfﬁ-‘.ﬁ.
-} Re@. fergo an - ACE 4 ACB—, Re&l.ger f b,
M BCE eﬂr%&a lxgnea. QE.D. - go::o.:-f
ol PRrRor XXX11L

f R '

4
A

i B¢
b equalibus trculis DBCA , HEGP, angui
| _"}fD C5'F H G eandems bapens rationem cum peri-
P pheiis B, Gs quibus infifiunt ; (e ad centra
, - (uBDC, F HG,) five ad Peripberias A, B
! fanﬁitt{ti__inft'ﬂant_:,inﬁ«per vero &~ feitores BRE,
: 2 gu‘ippeyi #d centra cgnﬁﬂ‘mt., . Duc

N
mm—




138 EVCLIDIS Elementorum

Duc re&as BC, FG. Accommoda CI=—CB;
& GL=—=FG—=LP; & junge DI, HL, HP
5. Arcis BCs=C 1, s jtem arcus FG, GL, LP-
7.3  ®quantur. bergoang. BDC==CDI $& ang |
FGH=—=GHL=LHP. Ergé arcus BI tam sk
tiplex et arclis BC> quam ang. BD I aﬂgug
B C. paritetque zquénmitiplet eft arcus
arclis ¥ G, atqueang. FHP anlguli FHG. Ve
3. rum fiarcus BL =, 3 F P, ¢ eticfimjlicec
S5, ang.BDI £, =, ~ FHP.ergo arc. BC.FG4::
3. ang. BDC.FHG.:BDC.FH Gf: AL
2 3

_Q.E.D. ST
Qiurfus‘ ang. BMC ¢ = CNI; # atque idcirco
'} fegm. BCM = CIN. kitem triang, BDC. =
. €D1. Yergo feflor BDCM == CDIN. Simili
| rationé fe&ores FHG,GHL, LHP ®quantir. | X
'Quum igitur prout arcus B ===~ J¥GDjita
s.uf5. Timiliter feftor BDI = T3 FH D m erit fed.
BDC. FHG :: arc. BC.FG. Q.E.D.

Coroll.

% Hlinc 1. V% fellor ad feftorem s fic ang;dus ol
: wlum, . o
" 2.Ang. BD Cin centro eft ad 4 velos, uf at-
gus BC cui infiflir ad sotam civcwmferentiam.
-Nam ut ang. B D C ad re@um, ficarcué BC "
ad quadrantem. ergo BDCeft ad 4 reftos , ue
arcus B C ad 4 quadrantes , ideft ad tatam cir- -
cumferentiam. item ang, A.2Ke&::arc. BC.
peﬂp.h. . ! )
. Rinc 3. Inequalium circalorum arcus 1L, BGeewr '}
i agnales fubsendunt angulos | froe adcentrs uty !
{“AL & BA C, fivead peripheriam y funt fi-"
< Mies. , .
" Nam I L. petiph. :: ang. 1AL, (BQACC)
. item atc. B C.' periph i3 ang, .
4&.:& m " periph = gﬁ{e&-

X ] E
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4. Re. ergo-1L. periph =2 B C. periph. proin=
de arcus IL% & BC funt fimiles. Unde

4 Due [emidiamersi AB , A C & concenirick
Devipheriis ercus anfornm fimikes 1L,8G.

o

ey

L1B
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LIB. VIL -
Definitiones.
WNitas eft , fecundum quam w
.numquodque go‘:gm que funt,
‘upum djcitny, Y,
** 11> Namekus alitem eft 5 ex
unitatibis compofita multitudo.

eff numerus pameri » minor ma-
jorisyquum minor metituc majorem.

Omnis pays ab eo numero nomen [ibi fumit 5 per
quem ipfa numerum, cujus et pars | meticur ; ut ¢
dicitur tertia pars mumeri Y2,quia metiter 12
per3. Lt .

1 V. Partes gutém, cum won metitur. .

Partes quecungue nomen aciipiunt 3 duobus illis
nUmETis, per quos maxima commaunis duorum nume-
rovum menfurd wiyumaque corum metitur, wi todi-
citur 2 numeri 15, eo quod maxima commanis men~
fura , nempe 5 metitur 10 per 2,0 15.per3.

V. Multiplex vero major minoris ,-cum ma-
jotem metitur minora

V1. Par numerus eft, qui bifariam dividi-
tur.

V 11. Linpar vero numerus » qui bifariam
non dividitar; vel,qui unitate differt d pari. !

vilt Y{riter par numerus et , quem pat
pumerns metitur per numerum parem.

1 X. Pariter autem impar eft ; quem
meras metitur per numerum imparem.’

X. Impariter vero impar numerus eft, k@ —
jmpar numerus metitur per Pumerym imparem &

¥ 1. Primus numerus eft, quem folauaitas

dtar, ‘
mex 11. Piimi inter fe fnumeri funt, quos fOl!

i is menfura;metitur. .
yhitas; communts 4 . X11L

par nu-
’




i

Liber VII

merus quifplam metitur. o, .
‘X1V. Compofiti autem inter fe numeri
funt ,, quos numerus aliquis communis menfura
~ metitur, _ » . .
.. I has definitione & precedenti unitas nom <ft
numerys. g
X V. Numerus numerum muliiplicare dici-
tur, cum toties compofitus fuerit is qui, multi-
- plicatur, quot funt in ipfo mulsiplicante unitas
tesy & procreatus fuerit aliquis:- o
. JHinc , in onini mnltiplicatione wnitas eft ad vaaly
tiplicatorem ut muliiplicasus ad produltum. = ..
Nota, quod fepe cam mulsiplicandi funt qnivis
numeri puta A in Biliterarum conjunéliq produsuns
“denotat. Sic AB==A inB. itew CDE = Cin
DinE. Co . 3
‘X V1. Cam antem duo numeri fefe multi-
plicantes aliquem fecerint , quifalus erit ; pla;
nus appellabitur 5 Qui vero numeri fefe mutug
muliplicaring, , lateraillius dicentur. 8ic 2 (C)
in 3 (D) == 6= C'D eft numerus plants. i
X V11 Cum vero tres numeri mutuo fefe
- multiplicantés fecérint aliquen ,’ qui'procreatus
‘erit,folidus appellabitur; Qui autem numeri mu-
tuo fefe multiplicarint , latera illius dicentur:
Sic, 2 (C)in3 (Djing (E) = j0=CDE
eft numerss folidus. < :

X'V I11. Quadratus numerus eft, qui zqua-

liter =qualis , vel qui fub duobus =qualibus -
meris continetur, Sit A latus guadratis quadra
sus ficnotatur, AR, vel Aq. "
_XTX. Cubus vero , qui zqualiter zqualis
raqualiter, vel qui fub tribus xqualibus aumeris
* continetur. Sit Alatus cabi ; cubns notaswr fic >
AAA, vel Ac. ' i
-In bac definitione , & $78bus pracedensibus » uni=
LI

sas eft numerus, XX. No-

4

. ‘X1 I;If 'Compoﬁtusv numetus eft qdem au- -




EVCLIDILS Elementorum
. Numeri proportionales funt , cum pri=.
di; & tertius quarti quemultiplex el
dem pars;vel deniq; cum pars primi fecun’
¢ eadeém pars tertii @que meticur-quar
5 vel vice verfa. A.B:: €. . hoceft, ¢

) 3 5. 1. ‘. C -
? X XL Similesplani, & folidi numeri fint,
qui proportionalia habent latera. o

Latera nempe non quelibet; ftd quedam. - -
~ XX11. Perfedus numerus eft; qui fuis ipfius
partibus eft zqualis. B

Uc6. & 28. Numerus vero qui fuis ipfiuspars
sibus mrinor efts abundans appellatur ; - qui vero ma-
jor > diminutis. iet v2 eff abundens , x5 cftdimbs
XXITL Numerus numerum -metiridide ¢ ¢

¢+  turperillum numerum , quem muktiplicans, vel

* aquo multiplicatus, illum produci. .. L

- Indivifione-, wnitas eft ad quotientem 5 wt divi-
dens ad divifim: Nota:, quodnumeras alreri lineos H
- la imerjela [ubferiptus divifionem: denstats St
¢ 3 = A divil. per B. item %’37-:6 in A divif, | 9
per B, : oo - &
Termini five radices proportionis dicuntur ] °
dug numeri quibys: in eadem: propo;tiane ml@ N

¢

fes fumt ngquennt.
. Pq/iulm:‘._“ o (
1.pOftuletur 5 cuiliber numero quotlibes . ] &
fumi pofe ®quales, vel multiplices.

2. Quolibet numero fumi pofle majorem.

3 Additio, fubtradtio , muhiplicatio, divifio; |
extraltionefque tadicum , fen larerum,num o IR
rum . quadratarum , & cuborum ¢oncedantut e

etiamj tanquam poffibilia,

Axioe o
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7 Axiemata.

. ;.Qchquxd convemt uoi = a‘hum aume- L
3 i Torum ,» cpnvgmt & - salifuis uquahbus :
. numeris,
" 2. Partes sidem parel 5 vel iifdem p:mhus,
: ezdem, funt quoque inter fe exdem.
3. Qui npmen zquahum numerorum , vel
- qufdem, eedem parres fuerint , 2quales inter fe
funt, S
4. Quorum idem numerus, el zquales,¢=- S
dém partes fuemu, zqualcs ipter fe foat, T
,'~ g+ Unitas ompem numerym per upitates,que
; i {plp fjants hoc eft,per ngummet numerum me-
) utur.
| ! é. Omois numerus felpﬁun metu;ur per um-
tatem.
7. Sinumerus numerum multiplieans 5 akd .+ -
auem produxentg -metietug, multiplicans pro-
uftum pey myltiplicatum , multiplicatus autem
euqdem per multnpllcantem. )
Hing nullus numerss. primus planns oft ane foli-
dus, qaadram:, wvel cubys.
8."Si numerus ngmenyn metiatar , & 1lle pet
quem metjtyr, eundem metietur-per eas , quzm '
nieriente fu'u, yunitatesy hoc e(t,pet 1pfum ayme~- .
fum metientent. o
9. Sinumerus numerum metiens, muluphce; AU
eum, per quem metitur > vef ab eo mulnphcetur, L.
illum quem metityr, producu
~ Ta. Numgrus quotcunque nuymeros metiens;
compofitum quoque ex ipfis metitur,
. Numerus quemcunque numerum meti
sD.S 3 mCtlﬂ-ll' quoque oqmem nun;grum quem )
, tlle metitur,
IR ¢ 2 Nunei:r'us metiens tqtym & abhtuma S
meritue & reliquu. '
;m‘ b PROP.

e T
r——

R e )
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‘EVCLIDIS Elementorum
r 'R O P. I.
A...E.G:B 8 53 Si duobus numens

C..F.D = 3532 inegualibus propofiss
H--~ LI (AB, CD) dera-

- . -~ batur femper . minot
C D demajore AB (& reliquus EB de’¢D
&c.) alterna quadam detraitione , neque reliquns
unquam precedentem metiatur 5 quoad affumpta fit
unitas GB; qui principio propofiti funt numeri AB,
CD primi inter fe erunt. , :
Si pegas , habeant AB, CD communem mea-
furam, oumeram H. Ergo H metiens C D,
setiam A E metitur ; proinde & reliquum F B 3
sergo & CF ; atque bidcirco reliquum FD 5
# quare & ipfum EG. fed totum EB metiebatur;
b ergo & reliquum G B metitur, numerus unis

tatem. ¢ Q.E. A.

. Prorpr 1L
9 6 - Dnobus nume-
A :Ew..:B 15 9 6 risdatis AB,CD
6 3 . non primisinter fe,
C... Fu D 2 23 maximam eorim
£ G--- 3 % communem menfus

. o . ram F D veperire.

Detrahe minérem numerum CD ex major
AB, quoties potes. Si nihil relinquitur , 4 patet
ipamC D efle. maximam communein menfj-
ram. Sirelinquitur aliquid E B, deme buncex
CD; & reliquum F D ex EB, & ficdeincepss
donec aliquis F D przcedentem E B metiatur.
(nam b hoc fiet antequam ad unitatem pervepia-
tur.) Erit F D maxima commupis menfura.

Nam F D ¢ metitur EB , dideoque & CFs
¢ proinde & totum CD; d ergo ipfum AE; atque
idcirco totum AB metitur. Liquet igitur FD

" communem effe menfuram. i maximam effe ne-

S
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835, fit major quapiam Gyergo G metiens CD, i
dmetitur AE, e& reliqum'E B, dipfumque .-

C F. e pivinde & teligiium F D, ¢ major mino- hg ax..

vom. Q. E. A, o

cmul

t, Miac, numerus metiens duos rametos ; me- ‘ ,]
g tittir quogue marimam eorum comirueE mes-
o furam, ‘ ,
i ’ 0 : ' i !
’ bror 1L |
e A Auull;-uo ,iz . Tfib‘fﬂﬂmﬂ'll dl’)f A, B__, C _
D B nomprimis inter f¢ 5 maimani i
B D ...4 Corum conmuiem menfuram E . :
i " Curen 6 reperire. ‘ - : ;
ii. . Ewua. .loveni D' maximam com- ,
Bl Feas munemmenfiram duora A,B. ;
b . SD oretifdrtestium C, lquet
‘D maximam efle trium 'communem menfuzam.
$1 D fon sretituy ©; erdint fadtem D, & € com- - '
* - pofittinterfe, ex coroll. prmcedéntis. Sic igi ‘
1.t ipforach B, & € maxima; communfs mehs P
h fura E.erit B is quent quasris, o
' MatE emethucC, & D sac Dipfor A, & o,
v Bmetur ¥ ergo E metitr fiigulos A, B, C; b 1r.exa,
L nec major abiqeis (F) eos metietr ; nam fi hoe
5 affitmas.,. ¢ ergo'F metiens A, & B, eoram ma- ceor.g.]
- ximam commbuen imenfuram D ntitar, Fo-
" dedi modo ; F metiens B, & C; ecorum miaxis
‘ mam communem menfuram E , A'magjor mi dfippef:
' perempwenmr.eQQE. AL . €9 rx 3
coroll, »
. Hinc, numerds metiens trés pumeros , maxic
4ham quoque €orum communem menfuram me-
. titur,

. K PRrRoOP.
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b 3.defi7.

c.df7.

EVCLIDIS Elementorum
Pror IV.
A 6 Omnis numerus A, emnit
B...7 numeri B, minor majoris, s
Bovriiiriariann 18 parsefly aut partes,
B.ein 9. .8t A & B primi fint
inter fe , a erit A tot pare

tes numeri B, quot funt in A unitates. (at
6=27.) Sin A metiatur B, 5 liquet A effepar-
tem “ipfius B. (ut6=—/18.) denique fi A&
B aliter compoliti inter’ fe fuerint , ¢ maxima
communis menfura determinabit , quotpartes A
conficiat ipfius B; ué=1lg9. - :

ProOp V...
A.... é D ...
6 6 R : . .
B G...... Ciz. E...H..F$

Si numerus A numeri B C pars fuerit, ¢ dlter
D alterius EF eadem pars 5 & fimnl utzzt:
(A —+ D) strisfque fimul (BC —+EF)e
pars evit, que wnus A uniusBC. E
Nam it BC in fuas partes BG, G Cipli A
@quales; atque E Fin'fuas partes F H , H F'lpﬁ
D =zquales refolvantur ; g erit sumerus partium

- in B C @qualis numero partium in EF. Quum

igicur A=+D 6 = BG—+ EH—=GC + HF , erit
A =D toties iti B C ~+ EF; quoties A in BC.
Q.E. D.
Vel fic brevius. Sit a—x& b—y. ¢ergo
. 2 2
a-+b=x~+y=x-+y. QE.D. T
2 2 2 - S

[
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' Pror VL 7
N S ny-

3 3 4 4 .
A P G ,'"',,B 8. D wees H'-u"- E8 merss AB

- Cunlinnn g F i Y2 nlimeri C

partes furrit; & alter DE alterius F exdem partes;
- fmal uterg; (AB—~DE)uirinfy; fimul (C+F)
eadem partes erit; que unus ABunius C,
" Divide AB in fuas partes AG, GB ; &
DEinfuas DH, HE Partium in urroque
AB,DE xqualis eft multitudo, ex hypoth,
Quum igituc A G « fit eadem pars numeri C ,qp.,,
quz D Houmeri F, perit AG—+ D Headem b3.7.
Fam compbofiti C—F,que unus A G unius C.
Eodem'modo G B~ H E eadem pars eft ejuf~ _
dem C~F, qu# uius GB unius C; » €80 ceg
AB - DE ezdem partes eft ipfius C —+ Frqua ™
ABipfinsC. Q.B.D. o oo
 Velfic. Sita=2x. &bz==3y. dergo 34b= asex,s,
Jx+: —1y <t x. QED.
¥ TPproe VIL.
B S | » Si nymerhs
A..E..B8 A B nhnevi
6 ‘ro 67 7 CD pars fue-
G ovine C/q--’..;.,,. F ...‘.-'D 166 :f’i"' Iy qmdisabl
. v o s n o latus AR abe
lati C'F; & reliquns B B reliqui' F D eadem: pars
erit, qudlis totus AB totius CD. .
. #SICE Beadem pars numeri GC, quz ABau pfy. -
iplivs CD , vel AE ipfius CF. b ergo AE ~+EB by.s,
eadem eft pars ipfius CF ~+ GC. qua AE ipfius
CF, vel AB iplius CD. cergo GF == CD. au- & B
fer communem CF, 4 manet GC ==FD. £ergo §3.ex..
EBeadem eft -pars reliqui FD (GC) qua totus ¢4 7
AB cotius CB. Q_E.D. N o
. Velfic.Sita~+b=x,&c 4 d="y; arque

. tamx == 3 y,quam a==3 ¢;dicob =3 d.Nam ~

¢+ 3 dF==3 y = x £ = a=+b.aufer utring; .
33 cg= a,& bremavet 3 d=b. Q E.D. ""'”f .
. ' i K2z ProO&®
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. - PR 6 r vnk
6. -2 2 S nme
Ao H» Gu E L B 15 rm'ABnu-
18 - e Co meri C'D
IR PRERRNES e D*z* . pareesfuerity

uales abls-
ths AE af:’lm CE 5 f,b' veliquus EB#ezqm £D .
dem WS*V) ity qwls totas: AB totins €D -
. Seca A Bin AG;, 'GB partes numerl C D. 2
cotemAEiIn A H, HE partcs uum ti G F ;5 & fue
.;.glmeGL:l:ﬂmeHE: # GZSEL-&
bofr quiabAG =GB, ¢ etiam G —1LB. Cum i
jaxt.  pitur fotus AG eacem fit pafs mt;us CD; qua
y.7.  ablarus Al ablaci: € F 5 derit reli uus H G,
"7 yeb. £ 1) eadem ériath pars rehqu; ;]
AGiplius CD. Eodem patto, qumGE m f
. parsieft cotius CD; quz HE, vél GL,ipfius CF, (
d erit rclxquus LB*adem. pars gehqm FD,quz [
G BtotiusC D 5 ergp E L ~+ LBYE B)&:z%em )
eft partes teliqui FD, qua totus ABgotius CD. | |

Q. E: D. .
" Velic facitius. Sita b= x.‘&"c"—p d=y. |k
woxy.  Iterntamy==2x, quamc==22 ; vel ¢ quo
idemeft3 y ="2x;& 3 c=12 2. Dico d =25 'K
%, Namgc+ 3df"'gy__zxf—_-:.a-l-z b [ 1
v gergo3c—+3d = za- 2'b. aufer utrinque | b

p.
v, | w§fcb==2 a;&kmnnet 3d=2 blengo d—;_b

it Q}: D. L ¢ P
8 L )
- PR OP. IX. .. Q
. .. [
Adg Si sinmerus ‘A wueri b
4 4 " BCprs fuetir,or akterD
By G €8 - alterthSEF eadem pars;dy
s 5§D .y . wicifsim qu« pars eft , aut :
E...e H ..... F.10 partes primus A vefti Dy " |y
eadem payserit,vel udem '
. !ams,dr ferundus BCgmm: EF. C
Ponx~ 1"
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- Eikey VI M

f
‘PomturA"'!}B SiirigitarBG, GG,
- EH, HF gartes numerotas BC, EF,hat ipfi A
b ill iph D pares. Uesinqus :multicuda parsium -
i o qualis ponitur, Liques vawo BG 4 candem effe 3757
'L pastem, ayt cafdem partes iphiys E Hoque G C b Sivei61.
",“P; ipfus H B bquare B € (B G -+ G C) ipfius.
‘i“p’ EF (E B -+ H F) caden‘pars eft aut pantess’
B queyus 3G (A) noius BH(D:) QE. B .
;.CW Vel fic ; Sita=s b. & ¢'= d. dico
Pﬁf[: c=d NamCa_gd"'d ) LT
w T BT b oo
vl e
o IUR.o . X.
ﬂ . A LGB - viewerus A B nemeri C,
( Combr parmfnerm & alier DE#ly
LI S ievins ¥ cedem paries 5 &
N, DeHoo E 1o vicifsim gue parses ef pri- -
7 Fogoerns I5 mps A B toriii DE:W{
‘ Bars . ealep }mrtcs ¢rig 6"
-t ﬁmvdm' Cquam Fa'ayt pars. -
1 Donins ABTIDE, & CTIF. SmtACi:
s GB&DH, HE paes aumeroram G & F> |
7 tetbempeio A B, quatinDE. Conflat AG
" iphus € gandem off pasiom, qua DH iptius B.
‘i,} ¢ quare viciffim AG ipfius D H, pariterque G B
3 iptius HE, & b proinde conjunétiin A B ipfius 39 oy
gE eadem pars erit; aut partcb, quz Cipfius F. "
E.D.
Apphca:r potes {e;undam pra:cedent}s demm;-
. Bratiosem erigm huic _
f / ;( opr XL !
a3 - 8ifuerit,uttatus AB ;
A..E..B7 ad otum CD,ita ablarys !
; 8 é . AEadablatum C¥ ;& - 4 |
Crveers Foveere D1 - religups EB ad veliguy
L : X3 ¥ &
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v
y,def.
y.vel8y.

0 def.7.
5, & 6.7,

EVCLEDIS Elementorum

F Detit, uttotns ABadtotam CD.. ' :

Sitprimo A B™2.CD ; sergo /A B vel pansi
eft, vel partes numeri C D; b eademque pats efty
vel partes ipfe AE ipfius CF; ¢ ergo reliquus EB
reliqui F D eadem pars eft,aut partes , quz totus
AB totius CD. sergo AB.CDu:EB,FD.
Sin fuerit A B C— C D; eodem modo erit juxta
modooftenfa; CD. AB:: FD. E B. ergoia-\
vertendo,AB. CD :: EB. FD, - T

"Proep XIIL

A, 4. C,2 E,3. . Si fint quotcingue nx-
B, 8. D4 Fs 6. meri proportionales (A.
BuaC.DuEF)e

yit }ucmadmodum unus antecedentinm A ad unum .

confequentism B, ita omnes antecedentes (A
C—+ E) adomnes confequentes (B —+ D+ E.)
Sinc primo , A, C, E minores quam B, B, F
ergo (propter eafdem rationes) 4 erit A eadem
pars aut partes ipfius B, quee C ipfius D. bergo
conjunétim A — € eadem erit pars aut partes

+. ipfius B+ D) qua unus A unius B. ' Similiter

0, deAY.

‘A —+ C —~+ Eeadom pars eft, aut partes ipfius
B —+ D —+ F; qua A ipfius B. cergoA—C-+
BE.B—+D+F:AB Q.E.D. SinACBE

- ipfis B, D, F majores ponantur , idem oftende-

tur invertendo.

Pror XIIL
Si quatnor numeri proporsi-

"As 3. C, 4. onales fint (A i: C.D.

).def Y.

&10.7.

B, 5. D, 12. & vitifsim proportionales e
i . -yunt(A.C::B.D.)
Sintprimo A & C ipfis B & D minores,

‘atque A T C. Ob eandein proportionem, & erit
- Aeadem pars, aut partes ipfins B, quz Cipfins .} i

D. b ergo viciflim A ipfius C eadem parsefl; aut

: artes , qu@ B iplius D, evgo A, € ;3 B. D. Sin
SPAE S FUE A & AC

— p—

- gy

[Py Sy T



quartum E.

© queBipfiusE. QE.D.

" Libey VII.

AC~C; atqueA & C majores ftatuantur ,

quamB & D, eadem res erit, proportiones i~
vertendo.

1§t

'r g o X1V,

A,g. D, 6. Si fint quotcumque numerd
B, 6. E, 4. . “A,B,C, & aliitotidem D,B,F
C,3. F2.

illis equales multitudine,qui bini
. fumantur s & in eadem variom
(A.B:;D.E. &B.C:E.F)etiam ex equali-
sate in eqdem ratione erunt. (A.C 1D E. o

" Nam quia A. B:: D.E; o erit viciffim, A.D :: 2.,
B. E s CIUF. ¢ ergo iterum permutando,
A.CuD.F. QE.D.- -

PR o'_r. Xv.
1. D

" Si unitas numerum quens-
B..3.E...é6.

piam B metiatur;eque autem
- alter numerus D alterum
quendam numerim B metiatur 5 & vitiftim eque
unitas tertium nimerum D metietur, & fecundus B
. Nam quia 1 eft eadem parsipfius B ; quz D
ipfius B , s erit viciffim 1 eadem pars ipl%us Diag.y.

Pror XVL

- . 8i duo numeri A, B fefe
B4 A3 mutuo multiplicantes fece=-
A3, B,47 ' vint alignos AB,BA, geniv -
AB} 2. BA) 12.

tiex ipfis AB, B A equales

inter [e erant. .
NamquiaA B== AinB;aetit 1 in Atoti- | o sry.
es;quoties Bin AB. b ergo viciflim 1 in B toties s 7

H . h A " AR 'S
erit, quoties A in AB. atqui quoniamB A == B <4*
.+ inA,ascrit1 in B toties , quoties AinB A. er-

%o quoties 1in A B toties 1in B -_Asﬁt g?:o’fiT-'i?. ’
CAB:B‘A-'Q;;E-D.K * - PKO"‘:



152 EVCLIDIS Elmentorum

Rrior XVIL
/ A, 3. 8i numevus A duos nie
B2 . G4 mevos B,C multiplican; fe-

AB; 6. ACs 12, .. cenit aliguas AB, AC; gt
" niti ex ipfis eandem ratioe
nows b;belmnt, quatn mpleiplicati. (AB,AC:
B.C. - . -
eisafy. Namquia AB= Ain B, s erit 1" toties in
A, quoties B in AB. #item quia AG = Aia C,
efit 1 toties in A , quoties € ig A C. ergo quo-
b s0dfy. tiesB in A B stoties Cin A C, quare B.AB:;
cing: - C. AC.cergo viciffim , B.€ :: AB, AC.
PrRoep XVIIL
Cy5.  C,5.°  Si duo mumeri A, B,

A3 B, av numerum  quempian C

AC, 15. BC, 45.  mubiplicanies _fecerint &
* 15 -’”. Hgunos AC, BC; gmint

* ey ipfis eandess yationem hababunt 5 quar mulsipli-

cantes. (A.B::AC.BC.) . .. .
6.7 Nam AC ¢=CA; &BCs= CB; fic idem:
C multiplicans A & BproducisAC, & BC.
wyy.  bego A.Bu AC.BC. Q. E.D. - -
s Scbﬂl. CE .
Ex hispendet modus vulgaris reducendi fra-
&iones (,1_, ;) ad  eandem cfenomin:}tionem.

Namducg tamin 3, quam in 5, proveniunt

= quoniamex his , 3.5 2 27. 45, tem
dyc 5 in7, & ;" prodeant L :;;cqt!ia:?.- 2
35045 7 \

..o Propr XIX:

- St les fuerint,(A B

C.B;) gui. ex phime ¢ quarco £ numerus AD,

wqualis eft ei 5 qui ex fecundo &r.séreio fit 5 nimsers’
o ' ‘ BC.

kY

T A4 Bi6 G 8. D, Ta  Si gmaruor N
ciepo A Dy 48.BCy48, merd proporcions "

: R
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n . o Libervino 153
, BC. Bt flqiti ox primy & quarto fit numerus AD,
y | equalis' i, qui ex fecundo o tereia fit s numero
il

*1 BC,ipf 4atuor numeri- proportionages erunt,
pal (AIB s C. D.)

PP . 217 v,

B Naw Ac. A B C.Db A, b3
re B0 AC. BC. ¢ o AD BC. Q.E.D,- 1.
BAC. > B3¢ Quoniaye A = CreitAC, ehyp

.- ADf:AGBC, SedAC. ADg:, C.D,sx;’.',",
r;rzﬂ(i; AC.BCh:; AR, k3o €. A8, Q.E. D, by,
Y R ) . (g,
o A_ ‘ - P Rovp, :X.X'. '

A A g

© €. Siges BAMIEVE propustiona,

AL 4 6, 9 les Seexiva (A, buB,€)
I AC, 36.BB, 36, . 9% fub PXAVeRIT COntinesyy
. Das (A € )aguatiseft ci , gu;
- ’ amedio efficitur (BB.)Es ff
» GRE fub extyemi; CoutinatunAC Y equalis fuerit o

UBQ). qui fub medso 2 BfE sves. mumeri proportiq-
| e erun (4 1 g L .
o | - Hop' Nam fume D= B, sergo A, elar g

" DEBYC. bgune Ac:BDﬁvelBB."'“n A
in ; Q, 1 ‘D,o. ’ ’

Fop, %nga ACe=1D, deritA. 31, e

‘JP-,‘ T
g dig 9.

SRy L),

wwnb. - CD minim'imf
o P eandews cuyy
€45 vasionem habontiym {EsF) metiyngyy eque ny-

" meros EsF eandpy Sum eis Vamboriun habenies > ma-

} Jor quidem o B wajyr

'

!

! % E,minor vero C D mj-
aovem F, . :

Nam A B.CD « e E, F. b erg"(:\ ‘vli_CEfrl@"alvp.f )
. ABE HGD.F. . ergo AB eademy pars eft, 2';3...1;}17.
< vel partes ipfius B, quz C D ipfius F. Nen pag- """
v mamfiieg ) fige A G, G R partes aumeri E 3
| X 4 T D'partes bumert F, cergo A GCI::‘H
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7. 7.]

‘puta per eundem numerum

EVCLIDIS Elementoram
C H. F; & permutando,AG. CH4: E.Fex
AB. CD. ergo AB; CD non funt minimiinfu
satione; contra hypoth. ergo, &c.

P ROP XXIIL

A;4. D, 12, Si fuerint tyes numeri Ay B,
B,3. E8.  C,. & alii ipfis multitudinee-
Cy1. F,6.. quales D,E, F, qué bini fwe
: mantuy , & in eadem vationt ;
fuerit ausem pevturbata eorum proportio(A.B :; E.F
& B.C :: D.E;) etiam ex aqualitate in cadem ra-
tione erunt (A.C :: D.F.) .
Namquia A. Bs:. E.FyeritAF—BE; &
quia B.C.::4D.E, b erit BE—=CD. ¢ ergo
AF=CD.dquareA.C:: D.F. Q.E.D.

PRoOp XXIIL

A9 Ba Primi intes fe numeti A, B,
C-~-D-ax  minimi funt omnium ean
. E-- " cums eis vationem habentinm.

: Si fieri poteft, fint C & D
minores quam A & B, atque in eadem ratio-
ie. # ergd C metitur A ®que, ac D metitur B,
n B : quoties. igitur
1in E; b toties etit C in A. ¢ quare viciffim quo-
ties 1 in Ctoties E in A. fimili difcurfu quoties
1in D, toties E in B. ergn E utrumqueA & B
metitur 5 qui proinde inter fe primi non funts
contra Hypoth.

P x( or XXIV.

A;9. B4 Numeri A, B, ininimi omni-
~== . ‘s eandem cum eis yationem
D--- E-- habentium, primi inser fefunts

 Si fieri poteft , habeant A ..

& B communem menfuram C ; is metiatur A
per D, & B per E; ¢ ergo CD—A, b & CE=B.
: b quare

e s gt -y

Qi
&!

by

S




, Liber V11, ARt T
bquareA. B::D.E. Sed D & E'minores funt b7.7-
quam A & B ,utpote eorum partes. Ergo A

& B pon funt:minimi in fua ratione , contra
bypoth. , '
' - PR o p XXV
; . Siduonumeri Ay B primi inter
Ay9. Boa  Je fuerint , qui unum eorum A
Cs 3. Doe  metitnr numerus C, adreliguum
T B primus eyit.
Nam i affirmes aliquem D numeros B & C -
metiri, 4 ergo D metiens C, metitur A. ergo wy '
- A & Boon funt primi inter fe; contea Hypoth, ™

"Propr XXVL
Avs.  C8. - Siduo numeri A,Bad -
Bz o quempiam C primi fuerints
. ;;' J;:i's‘ E-... etam ex illis genitus AB
i Founu. odesndemC primus erit.
I , Si feri poteft 5 fit ipfo-
-mmAB, & Ccommunis menfura numerus E.
fieque ﬁ: ==F; dergo AB= EF ; bquareE. ;o oy,
A ::B. E. Quia vero A primus eft ad € quem b 9% ..
E metitury¢ erunt E & A-primi inter fe; dadeo- ¢y4.y.
‘quein fua proportione mininti, & ¢ proinde 2-413.7.
que metinntur B  &F ; nempe E:ipfum B, & A **7*
ipfum F. Quum igitur E utrumque B, C me--
- tiatur , ‘non erunt illi primi interfe , contra

. Prop XXVIL :
; A;‘{‘- “ B, § 0 -Si dso numeri , A, B)Pﬁm’.

Ags 16, - inter fe fuerint,etiam ex uno eo~
D.4 : rum genitus (Aq) ad reliquum:
o B primsserit.
4 7 SumeD=—.Aj

ergo a finguli D &_l\ primi g yany,
funrad B. bquare A D, vel Aq, ad B primus eft. b16.7-
Q.E.D, .

PROP
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287,
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EVCLIDIS Elosentoram

PR OR xan.:.,v o
Ass. C, 4. Si duo numeri A, B8
B>3. - Ds2.  duos numeros €, B v

AB15. CD,8.  ‘trque ad utrumgque, prini
fueript 2 @ qu excisgic
entur AB, CDY, primi intex fe erunt,

Nam quia A'& B ad € pripi fune 5 s erit AR
ad € primus. Eadem ratiope erit AB 3d D
primus. b erge AB ad CD prigjuseft. Q.E.D.

Propr XXIX. |
A3 Bz Si-duo numeri A , B primi
Aq9- - Bqsa. inter [e fuerint ; & multipli-
A 27. Bc,8.  cans urgrque Jeipfum feceriz a-
» Gquem (Aqg, & Bg;) & gt
niti ex ipfis (Aq, BQ) primi inter fo erunt 5 (ﬂ'ﬁ ,
qgfu' in frinci‘:in_&, genitos ipfos Aq, By multiphi-
cantes fecevint aliquas (AC,Bc; ) o bi primi inier fe
erant: & femper circa exgremos hoc eveniet.

Nam guia A primus eft-ad B, aerir Aq 2dB
primus. & quia Aq primus ad B, s erip Aqad’
Bq primus. Rurfus quia tam' A 'ad B, & By
quam A qad eofdem B, & Bq primi funt, peitt
A x Aq,id et Ac, ad Bx By, id eft Bc, primus
Et fic poreo de reliquis. R

_FrRoP XXX

& % . .Si _duo nyweri
AceiBoi.C13. D= AB, BC priné
. .. . dintex [fe fuerints

etiam uterqué fimul (A C) ad quemisher illorum
A B, B Cprimasevit. Et 7 sterque frmnl & Cad
wn:um aliquem illovuws AB prisaus fuerit 5 etiam gis
i principio nugseri AB, BC primi inter fe ersnt.:

1, Hyp. NamfiA €, ABcompolitos veliss' |

fit D communis menfura. « Is-mesietur reli-

. quum BC. ergo AB, BC nonfunt primi inter {0

2 Hype

contra Hypoth.
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LI

AN W VI fo - ' . !f?
‘z: Myp.oPolitis AC, AB inverfe primis, vis
D ipforum &8, BC communem efe menfuram.
bis igituraotdn A'C metitur. quare A C, 4 B browxy
non fuat primi inter fe, contra Hypoth.
S e gerll -
. . Hine numerus, qui ex duobus compofitus, ad
unum orum primus ef , ad reliquum quoque
primus eft. :

e Pror XXX1.

" Omnis primus namerss A ad omnem
A, BS. numerum B ;- quem non metitur ,

Nam fi communis aliqua nrenfura” nretiatur
utrumquedy Bsd poneric A primus mimerus 5
contra Hypoth: - _ _ AT,

oo BR QR XXXIL

Bd o DI S dho mumeri 8,8, fo mus
B,6. .E,8.  tuomultiplicantes fecerim ali-.
AByeq. - 'qHem A B genithns aurem ex
PR s AB metiater aligair pri-
Wusmamerus s is etiam whum eorwm » qus & pric-
tipios A, vel Bmetietur. e : :
N Poge numeram D non metiri A’ ; fit verd
5 =B sergo AB==DE. b quare D. A ¢t agliny.”
B.E. colt vero D.ad A primus. dergoD , & 2';3}?’ :
-A nviohmi faac §n fha ratione 5 e proinde D me- 37, ¢
';oﬂ(l;&;me ‘dg A metitur E. liqaet igitur pre- .;':,.' ‘
: 'PRor XXXIIL .
Asra.  omnem compbfitum mwmbrum Ay oi-
28,2, quis primus numerus B mesitur. . S
oL Unys vel pluras pumeti m?tg;'t' a13.44.%
t MIATIIVS . s pramus €nt.
ufi}, quormn t B.65p am



- ped
-
©0

i)

EVCLIDIS Elementorum
nam i dicétar compofitus ;9 em minor aligeis
metietur, b qui proiode ipfum A: metietur; quat
B non eit minimus corum ; qui A nretiugpirs:
contra Hypoth. - 1

PRoOP XXXIV.
Omnis numerus Asant primus eff , ant
A, 9. ewm aliquisprimus metityr.’ i
Nam A peceflario vel primus et »
vel compofitus._Si primuss-hog eft quod affer-
mus. Sicompolitus, ¢ergo eym aliquis primus
metitut. QE D.. '_ L .
PrROP XXXV.
A,6.B,4. C,8. - ’
? D.;f "‘ HeuI-2Ke-="
E)3. F,2o Gyg. La-e

Numeris datis quotcunque A, B,C reperiremini-

mos omniwm B> F, G eandem.rationem cum tishaa -

bentium. . . :

8i A, B, Cprimi fint inter fe , ipfi in fuara-
tione minimi 4 erunt. $i compofiti fint; befto
‘eorum maxima commuanis menfuga D, qui ipfos
metiatur per E;F, G. Hi mipimi etunt in ra:
tione A, B, C. -~ oo

Nam D duétds in E, F, G producit A B C.
dergo hi & illi in eadem funt ratione. Tam puta
alios H,I, K minimos efe in eadem ; e qui pro-
pterea ®que metientur A, B, C nempe per nik-
merum L. fergo L in H,1,K ipfosA,B,C
procreabit. gergo ED = A — HL. punde E.
H:uL.D. Sed ERTT H jZergo L -~ D. ergo

D oon et maxima commimnié menfura ipforum
. A, B, C; contra Hypoth, . . N

coroll.
Hine, maxima commuais menfara guotlibet

aume

- ‘\I

My
Ap




P o T e ————
- Liber VI ;199
pumetotum metitur ipfos per numeros , qui mi-

" pimi funt omnium -eandem’ rationem cum ipfis

habentium. Ex quo patet methodus vulgaris ré-
ducendi fraliones ad minimos termisos.

Pror XXXVI

Duobus numeris datis A, B ,reperive , quem illi
 inimum metiuntury numeram.
Ass. Bygo - x.caf Si:A . &B primi
AB,20.  fintinterfe, eft AB quefitus.
D-..--.  Nam liquet A & B metiri
E--<F-.- AB. Si Z'cri poteft , metian~ .
o 'turA&BaﬁquemD'jAB,‘.guy.
‘putaper E; & F. s ergo AE —'D=—BF.b quare g'lu;... N
A.B::F. B Quiavero A, & B ¢ primi fuat ¢ A
inter fe, 4 adepque in fua ratione minimi, ezque 933- z
mecientur A’ fpfum F , ac B ipfum B. Atqii ¥,y 7
B.Ef:AB. AE(D) ¢ ergo A B etiam me- grodo7-
tietur D, (cino minorem. A. '

Ay6. B4, Foewew - - 2. Caf. Sin
c}}- D,z;— G--~H--- A’ &Bi_nter[e .
AD; 13, compofiti fue- p ;¢

rint , hrepetian- £.g,7.
wrC, & D minimiin eadem ratione. kergo :
AD=RBC. Erit AD, vel BC quafitus. - l7en7.
.. Nam!liquetB , & AipfumA D, velBC
metiri. Puta A, & B metiriF "1AD, nempe ’
AperG; &BperH. mergo AG=F=BH. 3% 5,
nunde A.B i H. Go:: C.D. 2 proinde zque otonde.
metitur Cipfum H, ac'D ipfum G. atqui D. G 537,
1::AD. AG (F.) ergo AD r metitur ¥, major r30 4/7-
minorem. Q. E. A, .
coroll. , ' :
- Hine, fi duo numeri multiplicent minimos
_seandem rationem habentes ;- major minorem, & !
minor majorem, producetur pumerus minimus s ;
quem illi metinntur.

PROP.
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b confir.
ei11.8x.7-
4 13,457

_EVCLIDIS Elamentorim

PRO.P XXX,/VII. '
As2. Bs3o . §5 . duo numeri. A, B mhe
Ejsereris 6. i - og0tM grempiens CD mt
C----F---D  _ tiantur s etiam minimus E,
L cpfkem iHiT mesinngiy 5 et
dem CD mesiobur. . L e -
Sipegas, auferE ex C D, quoties Geri po-
telt, & relingnatar F D T3 E. quum ggitut A
& B & metiontus Es b % E ipfum CE, oetiam
A, & B metinmtur CF 5« metiuntur autem 10+
tum C D 5 4 ergo etiam reliquum FD metiun-
. ergoEném-d& minisaus » quem A, &3
metiuatar, eontra hyp. o

’ PK"O‘[{"XXXVIII.Z -~
A,? Bo £,6 | fTribus Humevis datis A 8,6

" L Dy pgycﬁrdutir}iitum.'qdkm.illimeé

236.7:

. fikntwre o
 sReperi D minimum , quem duo A, &B
shetitrurs quem {1 tectius € metiatur, patec D
oife qualitam! Qued {1 € non metistue D , fit

e 3 wimpmas , guem C, & D metimmuk.  Erit
: ﬁ'feqﬂiﬁw-' e ’

A,2.B5 3. ‘Céz‘fi“f:’ Nam ﬁbgufbs A, B, C°

U6 B e '/‘_:""'xﬁa'fiti' ¥ -conflaréy 11, 2x:

S UFLee LD 7:Quod vero mallum ali-
: am F minerein mettancar;

" gxité ofterdhtdt: Romr fi afftmas 5 bergo D
methar F; & proinde E eundenm F metitar , mha 1

jor minoten: Quod eft abfurdum.
Corok{. C :

Hinc, fi cres momeri soyBeram empiam mé-

 -dantar; etiant wrigimus » quem il mrevinmeur,

PROP:

(
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Lib@i VII.
PRO;& XX;X!X

T161

’

"D'.‘ As 1z i nwwr;'l\qmj}mm nimerus
. B, 4:C, 3. B wptiagur,, ilg A qsem B meri-
. - . tunypariens habepit C; 2 metience B

denammamn
PR Namqninuzzc m«cA::aC “s_rgou{'a}y
rbl'\ :‘.. L eap . ”“ .". s £7.6x.7. -
all "“B Q D - \
1 : Ly
!J'UF" 8 Ly . v :/
4 o Pnol'. XL -

L o s;m:ms-npmmh&mr .

A, 1 { R qnmldml, meNetor ijlim numge- oo .
6 - B3 Gk musT, dgque yﬁz prsBdmm SR

‘BALUY. -~ -
NamqmaBC!"'A bentA.__B QE D. lr;.‘”

) ¢ by,ax.7.
D
i P Ro P X’SLI
) ; ' R e
bz Goral thmm i'e;m G» ylu mini-
¢ h Heix o mas onm iy iMM#M}H:
( d AT VY SRR VIRt A ( ~'l-.»\;n

) k3 ;. E ’

, “WMWW mm;n}’waw f’gﬂomwﬂto-;;sy

K6 ks 4 mesiptys. et G habege partgs; b39-7

2\ By 9 fier potett,H ‘ﬂ% G'habeat ép :

L pantei il o erga 3, 3,4 shotingye K, & ande < qaq
"G nonwit minimus 3 qu«n 13,4 mﬂﬂf?‘#f R
contraiténth SR et e A LR

: R /‘.,. Pt nr....‘-' ooaen

! o e :‘ff Y R ‘.

R A o S
. T oA '»>,’>‘. T
. Ih;\:: R ] ‘r“{. J.A -
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 LIB VIIL: -~ -

v Prop I

. A,8. B,r2. C,18. D, 73..
: + E+F--G..-H-i..
SN fuevint quotckngue. mumeri dev
D53 Ceps proportionales A, B, C, D;e
tremi vero ipforam A, D primi iv
) ter fe fuerint ; ipfi A,8,C, D i
erredd nimi [unt omninm eandem cum ¢t
rationem pabentivm. . '

. Nam,fi fieri poteft, fint alii totidem E.F,G,H
4.7-  ‘miinoresin illaratiope.. sergo ex zquali AD ;:
23.7. - B. Hoergo A& D primi numerj , b adeoquein
21.7. - - fuaratione minimi;c ®que metiunty E» & B,

feipfisminores. Q. E.'A..

"Pror Il

1.
g 'A’Zn'B,‘;."

o -Aq 4. AB,6. Bgy9.
- Ay 8..AqBs 12. ABgy18. Bo 27
¢ Numeros veperive deiniceps proporsionales minimel)
quotcungue Jufferit quifpiam , -in data vatiose A

a : L ., .-v 5 :
PR “Sint Ay & B'minimi in data ratione; Erunt

(SR

ry.+ - Nam AA. ABs::A. B «::AB.. BB. item

7. -iquia A, & B b priroi funt interfo, cemst

g Aq,Bq inter feprimi; 4 proinde Aq, AB, Bq
) funt £ minimiin ratione A ad B. Be farat

‘Dico porro, Ac » AqB, ABg, Bc 1nratione

LAl quuamor ,Q(f:?ninimog Nam AqAs.
ny. AqBe: A Bex ABA (AqB.) ABB. ¢ atque
A: B :: ABq. BBg. (Bc) Quum jgitur Ac ,36:

;‘Zi‘z'\" 1

;f_}kghAB;Bqtrgfiglnimi deinceps in ratione A ﬁ
adB. : : :

\
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* BcFinter fe primi fint 5 g erine Ac , AqB, f35.7,
ABq; Bc quatuor > minimi in ratione A ad B,
. Eodem modo quotvis proportionales iavefliga-
bis, Q.E.F. Do

. " royéll, S A
¢+ 1. Binc, ('tres numeri niinimi fudt propor:

mi~ tionales , extremi quadrati erunt ; (i quatuor ,

() cubi. SR :

ys . % Extremi quotcuuzue_prqponipnales per

(3 hanc propof. inventi in dara ratione minimi, ins

w  ter fe primi funt. . o

- 3. 'Dub pumeriy minimi in dats ratione, me-

¢ tiuntue omnes medios quotcungue minimorum

" In eadem ratione ; quia {cilicee producuntur ex

2" illorum -mulriplicatione in alios quofdam ou-

h  meros, . L ;
4. Hincetiam liquet ex conftrodtione, feries

numeforum I, A, Aq, Ac; 1,8, g, Be; Ac,

AqB, ABq, Be, conftare ®quali n.ultitudine

pumerotum ; ac proinde extremos numeros

quotcunque minimorum continue proportiopa- -

Hum, efle ultimos totidem continue proportio«

naliom ab unitate. ucextremi. Ac, Be continue

proportionalium Ac, AqB,ABy,B¢, funtultimi -

- S

f totidem proportionalium ab unitate 1, A, Aq.
" A &1,B, By, B . .
- $+ & AyAq,Ac; & B,BA, BAg; acBg; ABq

funt £ inratione 1 ad A. item, B, Bq, Bc; &
A,AB, ‘ABq; ac Agy AqB func & in rarione
r 1adB. T
. ‘Propr IIL _
A8 Byi2, Cu8. D, 28, i fnt quos-
- cunque numeri
3} A, B, C, D deinceps proportionales, minimi omni-
&m eandem cum eis rationem habentinm;illorum ex-
. tremi A, D funt inser fe primi, '
o7 La © Nam
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2.8, -

36.7.
sl e

ax .
-98.7
7.5

3%.7.

7.

sefl 7.

EVCLIDES Eletnentorim ]

Nim fi s inveniasaur totidem mumeri misind
ioratione A'adB  :illi non alii sruas , qun

‘As B>C,.D; ergo juxss 2. coroll. pracedmiis

extremi A & D primi funt inter fe.. Q. E. .
PRrRow IV.

A: 69- B’ {" c}"'m DJ‘;- . IR"(GW'W dd‘
H, 4 F>124. Es20..Q.u1s. i quotcpngut i
mininsis termisgs
- (A2dB;&Cad
) reperire PEWITAS dmnps nimies it datisve:
tionibus. .

@ Reperi & mipiesum s quem l, & C mctipn-
t,ux, & B ipfum Eb sque metiatur, ac A alerum
* E, puta per sundem H, b item Cnyfnm EsacD
alterum G que metiansus ;. crunt F, E» G o
nimiin datis rationibus. NamA He=F; &
BHe¢=E. dergoA.B:: AH.BHe::E.E
Similiter. C. B.1: E. G. funt igiour %»EG
deinceps propnonmahs n daus,rlﬁxonibus (L7
minioi funtin iifdem : pam paraalios I; Ky L
minimos offe f.engo A & B ipfos I & K, fpwr
merqm C & D:ipins: K & L aqueimetionturi

B.& C cuadem X metiuntur. gQuare atiun
;3 euudem K. uﬂ:utm: feiplo minomm. . QE.As
AJ 6 BJ 5. C’ 4. Dx 3 Es8,, ‘F,7.
“ " Hoag Gozoo I, 1y K,/u L

Daus vero tribus rar}ombns AadB, &Cud

D. ac Ead F. teperi, uc prins , toes . H, Gyl

_ minimos demceps in'rationibus A ad B, &Cad

D.tunci E numerun I memtur,

all

& Sume alterurg K quem F rque mgtigtup; &
x;unt quarnor H, G, LK, deinceps minimi, in,;

fagis rativoibus 5 quod non ah:qmobabmuir .
.quamin priori A .
i »

S oL

Kl B

s

I :
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Ajéc B»’- "C!" fD,;.‘E{Z. '5,7. > 4 .
¢ : Hyag Goegt Bag. o
. My48: L,40. ' Kyza. Nyt 7 -
Sin E non metiator I ;° fit R thini-
mus , quem E, & I metiuntur; & quoties-  +
Tipfum K, toties G ipfam L ,%& M ipfum M me-

tiatur. quotigs vero k ipfumnK , teries F ipfum
. N metiatur. Erunt M, L. X, N minimi deinceps
indatis rationibus ; quod &{emohdrabimp&. ue
prius,” o

- PRroORV. E

’ wo i Plani - uimerl
C4¢ E3  CD,EF rui-
Dy6 F,16' ED, 18. ~ [ontm habent ex la-
By R g sribuscowpofisem,

N Do (R=SEop D
- - R ,ﬁf“i“‘"i')
Naat qtidCD: ED'#:: C.Bi s & BD.EF 5; a.7. -

- .3€¢D, _CD.  ED o oogs  Di0def s
2) F. ‘?tq‘ue ﬁb_“ Eﬂ—l-rﬁ": ten,‘s mtmcn.;,
€D
‘—I’_E*F..Q'E‘D'; .

P Hor \{l.‘

A, 16, By24. C,36.) P59, E 81, ¢
.:P,.-q_;’;do‘ ’H,QLV"' ' g
S fiht qrofcungme numperd deinceps propoveionalis
A,B, C,%,‘ E 3 primus anrem & feeundum B tiow

metiaturynéque alins quifpian kllens metietnr.

Quonizin ‘A non metitar B, ¢ neque quilidet -, o 4eq
proxime fequentem metiettw; (i A.B 2t B.C::
C.D, &c. b Accipetres F, G, H minimos in 8557,
ratione A ad B. quoniam igitut A non meti- * (
tur Bysnéque F metietur G. cergo F non eft (¢ 0y,

. unitas, fedF y\& H inter fe primifunc; ergo d;.3.

.

*.qwm’e fit ex equo A. C = F.H, & Fuoon *'¢7

““metiatur H; 4 neque A ipfum Cmetietur 5 pro-

inde nec B ipfum D, nec Cipfum E, &e. quia

ACeB. De C.E, & Eodem modo, g

L3 fqn}ptis

'




166 EVCLIDIS Elementorum
fumptis quatuor ve) quin ne minimis in rationd
A a&BI; oftendetur A ipfos D, &E ; ac B iplos
E pon metiri, &c."Quare nullys ali
deawr. Q.E.D, Qe nulis famoe.

Proe VIL
A,3.8,6. C, 15, D, 24. E, 48,

; AB, Q, E; primus autem A extremum E me-
tiatur; is etiam mesitur fecundum B.
6 _ Sinegas A metiri B, s ergo nec ipfum E me-
- tietur, coptra Hypoth. ‘ ;

PrRoe VIIIL

A, 24 €,36.D,54. B, 8y. i inter dios
s G,S. H) 12, I, 18. K; 7. nymeros A’ B
E.32. L)48. My72. Ey108,  medii continue
, - proportions ct-
cidervivit numeriC 5, D ; quot inter eos medii cn-
tinua proportione cadunt pumeri 2308 Cp imtey alios
E,F eandems cam illis habentes rationem, medii
continua preportione cadent, (L, M.)

vy, . o Sume G Hb L K minimos %+ in ratione
a7 AadC;berit ex zquali, G.K::A.BenEF.
4] Aquil , & Kdprimi funtinter fe ; ¢ quare G

a7, gque metitue By ac K ipfum F. per eunden ov-

merum metiatur H ipfam L, & 1 ipfum M,
e, *itaque E,L, M; F ita fe habent ut G, H,LK;
" hoc Cﬁ}lf A, .B) GC,D. Q-_E- D. A ) .‘

Prop IX.

T , §i duo numeri
" E,2 F,3. - ' A,Bfmtinterfe
"  G,4 H,6.1,9. primi , & nter}

A.8.Cy12. D, 18, B, 27. eos medii conti’

: wua - proporsiont

! eecidering mumeri, C, D; quodt ‘inter eos medit.con-
’ S tinka

Si ]z'mguonunnq ne numeri deinceps proportionalet |
’

22 e e~

l
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lm tinkd pmpmmm ceciderint numeri , tmdem {E.G,
Jemmwl &F, l) & inter mumqne eorum 4 ummmn me-
D&Y Qi continua praportisne cadent, .
’”ijﬁ -Conftat 1, E G) AJ & I) FJ I, B Cﬂ‘e :'.', &
totidem quot A G, D, 3B, nlmmlm ex 4-coroll.

I z.8 Qj o

'Q.E)l! : P !'0 X, i -
}me A 8.L12.K,18. 8,27, * S dnter dues .
)] E!4 DN 6) G)9 : “Waf A,J,&, ?.'.' ‘L
ials  Dy2. " F, 3 ¢/ mnitatemconsinae

‘ 1.l L proporcionalesce-

‘ - ciderint  numeri-
(5D, &F:Gs)qm inket wirmmiqueipforams, &
ol Senisazeordeinceps medii conginsia proporsione cadmnt:
M | emeriy totidem oy inter ipfos medii continas pro-
b bortiome cadme) LK. :
f“;,,:r Nam B)DF,G & A, D.‘,(I})DG (K,_)
::‘rﬁ? B funt .npeu.: Boorgoy &eea: =

o l'nor..xl.

P “As 2. B;; S Dmrm q#dmtmm .
5 B4 AB6i Bq, 9 - simmeroruss Ay By unus.
ot * " medins proporsionalis ff .
numerrs A ‘B. é;dqulmm Aq «d guadratum.

f;:!-' B‘l s duplicazam habes lateris A ad, Zm:Bmm-
I

';L‘ s Ll uet Aq, AB, By, e i b promde .., 1T
! mlm—m___ibl"Qn'D" ] .

o'

rhs

i - »f:(, . L 4 ) y“o'-
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ﬁg.op $345

Ac, 27. AqB, 36. Aqu xo!x Bey 64 Dmrm
A>3 B4l . cuborumm
ihyg AB;. 12, 34‘:6.: \';, : mernrumAc,
’ - Bg. dio me,
dii proportionales funt numeri AqB, AB{ Ee cubus
Ac ad cubum Bc fmipliogtam babes lateris A dd
latus Brationem.,
. 1% Namr Aé.AqB, AB@ Bg fent &= dp. rauoa
> df' 5 neAga’Bbpmme = -—-ﬁ-tex. (LE;D. »

B PQOP XIII B
AT A,z B,4. C,8
\Atf) KB’ By 158G, :z(@.p“x S
AYE, mql,m APy, B, 8y, By G ns,zlich ldﬁxcc.im
=35, Jout quDiAbNs wu Y descepy, pripomionaiss;:
1}: B, C; & mulriplicans quifghel feipfum fuiiat’
; b 1 i ‘ab IIh;?ralu;c fureinieQhql By, g
© proportionales ersns: @Vﬁﬂmﬁ primmm Fofiti AL
' Bs C multiplicantes jam fatos Aq, B, Cq) fece-
vint aliquos Ac, BE s pf€ gbogile proportionales
erunt. & femper circa extremos boc eveniet.
.8, . UNii A4, ABiB) BC, Cqsfust$.befgo
17 ek'bque Ad: By BeQq, Q B. DA 4
a Irem AC"‘QD} ABq, Bc, BqC, BCq>
e <2 5 b ﬂ‘gd xemm :c’uﬁp, HAciBoi b6

Ce: @ BiD. SN et
:‘vw'«ﬂ": ° l’som IV

Aqg 4. AB1:. cq,gﬂ. s§ ‘?r u8 Rhe=

A 2. B, 6. merus Aq quadra-

tum numersm Bq

metiathy,& latus unius (A ) metietny latus alterins
(B:) & fi unins quadrati latus A metietur latus al- *
seyius B, O~ quadratus Aq quadrasum By metiesur.
18 Y. Hjp. Nam Aq. ABs ;: AB. Bq ; cum
igitur ex‘hyp. Aq metiatur Bg; idem Aq fe-

A cundum

!

{
;|
7




oo, Ribte VITIL L -0 149
cundum A B b metietyr. atqui AqQ AB::A.b78
B. ¢ergoetiam A tnteitur B. Q}E?D ¢ 104y,
. 2y g A metiur B. £ ergo tam Aq iplum
A B, ¢ quam . A B xpfum By metitus; J& proinde du_exy.!
Alq‘meutnx T

soler Lheo

Sy v

.?nop XVow .

qw, Bee2er o By ‘{ Si cubus nu- 7,
Ac,8 AqB,z4 ABq,7z Bc,zro, merns Ac cu=q
“bam numerum

Bc mmdtur > & Jutus vmius () metietur latus |
alterius (B: ) Bt fflatus A uhius cubi Ac latus B
alterius Bc mesigtpr 3 & cubsg Ac cubum Bo
metietuy,

~To Hyps Jﬂsm -AGy AqB AB1,Bcs funt <3 ep s & nt
ersp A<+ bmetiens extremum Bc, Titiam fe-
coaduny BqB matietur. atqui Ac. Aqﬁ :A.B.°
dergo etiam A mewerus B. d

; 20Hyp. A metitur Bo d ergo Ac métitur Aqh Lo.éfy.
1{que ABp &, hic Be; eergo Ao matietur Bc @ 15457
QUE-1 Co .

-\'/

sl
PEETEY p R 0 P. XVI;
’. - (Y ‘\[ NN
Ase. Byg S qudrams nimerws A'{

- Mpib, . BgsSr quasinacim nxmerum qum R

Gir LonpT | metidtarsnogse A datus umius,
alterius lams B metietur: & f A latws unius qua-
drati Aq non metiatur B latus alterius Bq, neque
quadratns Aq quadratum By metietur.
1. Hyp. Nam fiaffirmes A meticiB ., .euam T X

Aq ipfuin Bq mptietur, contra hyp.. - '

. 2. Hyps Vis Aq metisi Bq; acrgoA;pfmn

B metietur; contra byp. .. ‘

PROP.

B
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8.8,

_l‘xor xvu

A2, B,3. Si cubut zmmem FAc o
Ac, 8. B:, 27.  bum numernin Bc non metis-
tuy sneque A latus univs Iy’
B alterius metietur. Ee (¢ latus A unius cubi Ac
latus B alterias Bc non metiatnr mque cubus Ac
cubum Bc mecietny.
1. Byp. DicA metm B; oergo Ac menctur
B:. contra Hypoth. -
2. Hyp, Dic Acmetiti Bc ;o ergo A xpfumB
mcnetur contra Hyp.

- Prop XVIIL
‘C,6. D, 3. T :Duorﬁmﬂmil'm}lt-

-, CDyr2. . _ BOYHM RHIBEOYNM

1

avdfy,
7.9.
0n.g.

odfg.

s
t

E.9. F,3.DE, 18. EF , unus medias pro-

EF, LA portionalis - eft nxmerss

DE : ¢ plamus C D

¢d plenum EF duplicatam habet laseris c ad latss
bomotogum E rmonem

Quoniam * exhyp. C.D::E.F; Pefm“'
tando eritC. E :: D. F. arqui C. E & 2 CD.
DE; «& D. F:: DE. EF. b ergo-CD. DE
DE. EF. Q.E.D.

< Ergo ratio CD ad EF dupl;csta eft rationis
€D adDE; hoc et rationis Cad B, velD
adF, /-

. Coroll.
Hincaperfpxcuum eft , inter duos fimiles ph'

nos cadere unum medium proportionalem , in
ratione laterum homologorum.

- o B e
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 "Pror XI X '
CDE 5 30-DEF, 6o. EGE. 120. EGH, 14:.

CD)6 DF, T2. FG)].4-
Q,z D,g E’S F)4 0)6 H)IO~

Duorum [fmilium f[olidoram CDE, FGH , due
mediiproportionales funt wumeri DFE , FGE. Et
, folidus CDE ad folidum FGH triplicatam ratio-~-
% ‘nem habet laseris homologi C dd latus homologum F.
%omam ex* hyp. C.D :: F.G; & D, suvafy.
2 G, H; erite permutandoC F: D Ga: i
. E 'H.atquiCD. D Fb::C.Fs & DF. FGbz: 81T
D.G.cquae CD, DF::DF. FG:: B H. a-n
dergoCDEDFE;DFE.EGEs: B H:
FGE. F G H.ergo inter CDE,FGH cadunt
duo medii proportionales, DFE, FGE. Q.E.D.
e Liquet igitur rationem € D Ead FG H ripli-* 10 &ff.
catam e(feg rationis CDE ad DFE, velCad F.

. .Q.E,D.
L - Coroll.

Hing , inter duos fimiles folldos cadunt duo
medii proportionales, in ratione laterum homo-

= = = v

logorum o
) ‘ Pror XX
A 13, C,18. B, 27. St inter duos nu-
LoDy E,;. F6. Gog. meros AsBy unnsme- .
- dinsproportionalic ca- ‘

. datnumerus C fimiles plani erun: illg numeri, A, B.
i aAccipe D , & E minimos in ratione Aad 4y 4
k . CrvelCadB. bergo D ®que metitur A, acEbary
tpfum C; puta per eundem F.4 item D zque me-
titue C ac E ipfum B, pica per eundem G. c er- c9.05.9-
oDF==A, & EG=B. 4 quare A, &B plani 647
funt numeri. Quia veroEFe= Ct=DG; .
eerit D.E 2F. G, & vnulﬁm D.E s E. G § g 4,,7 '
fergo plam sumeriA, &B euam fimiles funrt.
QE ;
_Proe




377 "EVCLIDIS Elementorum
N PRoP XXI

A 6. C,24. D 35 B, 54" O Si imm

. E,4 F,6. 59 " diios mume-

H 2. P,2. M,4 K,3. L,; N,6. i'o:A,Bdm
- medi

portionales cadans agumm C, D; H /' miles folidi mmt
aHi numeri; A, B.
.8, -4 Sume E F G minimos 4 in ratione A 0
o b ergo E, &G font cumeri plani fi mxles.
1. def 7. hujus latera fnt H&P;illius K&L:.
le‘t\’h\:&‘ - Kb L:udEF. AtquiE,F, G 1pfosfpca
% 00 Do aque metiuncur | puta per. cundém M; -
t ek demquewfos, C,D,B #que, métiuntur, puta

39.,,, per-cun emeergoA EM=HPM, f&.

iy afy. B— GN-*KLN,g areA&B{olldl(uﬂl

. pumeii. Quoniam vero C f— FM; &Df——
o2t > FN, emM NE:FM. F Ng:t C DIE
Th o MK L. mergoA & B funt numer
mae ity folidi [‘xmxles Q.E.D.

E % § G b, X X I .
A, 4 B,S. C, 9. . i tresnumeri A, B,
C deinceps feut proporti-
. onates, primus astem A f t qmdmzus, o tertiis C
quadmms erit.

“Inter Ay & C cadit medius propomomlu
108 _5' o A, & C func fimiles. plani; guare & cum A
b atds ﬁt,em(l etiam quadratus QE.D-

- , P RO. P, XXIII 4
TG .ﬁ 8. B, u.C 18 D zr Siv qumormcmﬁv
A, B, C, D dein
e oeps fim pnpovm»ala: 5 primus amm Af et cubus,
s o gudreus B eubus evis,
V8 . NimA ) & D s fimiles {ohdl funt; ergo
L humlcubus fic, eric D cubus. Q_E D.

Provr.

“5 5 e



B

=9 e
Lo TE SR

- &

e L TS

N

~Liber VII1 3

Pro’™ XXIV. «
A,18. 24.B.36. - Siduo numeri A, B ra-
Cy4. 6. Djg.  tienem habyant inter fe,
:  quam guadratus numerus
C ad quadrasum numerum D  primys'antem A fi& |
qeadrasuss o fecundus B quadraens‘erit.

Inter C, & ) numeros quadratos , * adeoque * 8.8
inzer A, & Beandem rationem habentes, o cadit | .
vaus medips proportiopalis. Ergqbcum A pigp.
quadratus fit, ¢ efigm B quadratus erit. Q.E.D ¢u-®

L corolh. . -
" 1.Hiac fi fuerint duo nuniero fimiles AB,CD . . .
(A. B:: C. D) primus autem AB fit quadrards,
etiam fecunding CD guadmatys erie, s u& 8t
. *Nam AB.CD:; Aq.Cq. -

" 2.Liquetex his,proportioném cujufyis A
i quadrai ad quesniber non quadraturn , exbi-
beri nullo modo pofle in duobus nymeris qua-

‘deariss unde non erit, Q. Q s 1.2.nee 1.5, 14 Q.

Qe&;‘ e L ’ L
. pRom.xXV. o7
C,64-. 96~ I'M-.-TD;MG. SF . dua numeri
AlS. 12,380 Bzt . A, Burationemineer .
Je habeant ., quom

cubus numerus C ad cubum numerum D 5 prinsus
autem A fit cubus, & [Peundus B cubus erit,

¢ Inter C, & D cubos , b adeoqueinter A & ;'&‘;'
B eandsm rationem flighentes , cadupe dyo'me- -

dii propoztiopales. . proprer A ¢ cubum: '~‘l:vr-a o
d¢fiam Begbus e, Q, E.D.. . . - - o
T v comell:

1.Hinc etiam fi fueriot duo numeri ABC,DEF
(A.B::DIE. &B.C::E.F;) primus awem
ABC cubus fuetit , etiam fecundus DEF cubus - N
erit. RN TI
* Nam ABC, DEF:: Ac== Dc. oL
2, Patet ctiamex his, proportionem cujufvis
. : u

-~ B
<

i

1

|
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pumeri cubi ad quemlibet pumerum non Fnbum
non pofe reperiri ia duobus numeris cubis.

rror XXVL
A, 20. C, 30.”B, 45. Similes plani numeri
D,4 E,6. F.9. ' A,Brationem imerft
. ) . * habenty quam guadre-
tus pumerus ad quadretwm numerum. .
Inter A, & B s cadit unus medius proportio-
nialis C, b fume tres D, E; F minimos $*in fa~
tione A ad C. Extremi D, F pquadrati erunt.
atqui ex =quali A. B¢ ;: D. F. ergo ABu:
7 QQ. QED. ;
- PRor XXVIL

A,16. C,24. D, 36. B, 54 Similes folis
E,8, F,12.G,18. H,27. di numeri A,
. o B, rationtm ha-
bent inter fe, quaws cubus numerus ad cubum nume-
m. . ‘ -
. o Inter A, & B cadunt duo medii proportio®
8. nales, puta C & D : bfume qaatuor E,Fs G, H
“minimos ‘¢ in ratione A ad C. b Extremi E,
47. ‘Houbi fupt. AtA. Beun E.HuC G
QE.D. . ‘ =

o

- Schol.

RS EVENENY [ L -
’:'Cl-- 1. Ex his infertur, riulles numeros habentes
’ partigntem\, vel diaplam, autaliam quameunque
multiplam non deaominatam 3 numero qu#°,
- drato,effe fimiles-planos. R

2. Nec duo quitvis primi numeri , - neque duo
quicunque inter fe primi, qui quadrad non fior

-, timiles efle poffunt. >

e,

v LB

\ proportionem fuperparticularem , vel fuperbi-




e —————

* funt Gmiles plimi. Q. E. D.

" LIB, IX,

Pror I

A6 Bos4
Aq, 36. 108. AB, 324,

1 dpo fimiles plani numeri A, B multiph-

Qi unm&fe mutno faciant quendam A B,

)W prodyflus AB quadratuserie. - ¢ -
" NamA. Bs :: Aq. AB; cum igirur 337

“inter A, & B b cadat uaus medius proportiona- ¢a §

Lis, ¢ eviam inter Aq, & AB cadet unus med.pro-

" port. ergo cum primus Aq {it qdadratus, detiam duid -
‘tertius AB quadratus erit. Q. E. D.-

Vel fic. Sint ;2, cd fimiles ‘Flnni, pempeabs
c.dxergoad— )c.quare abc ,y_d adbcy="adad 9y *

S CoL L e
T ‘Pror IL o ‘

C L T g due memeri AB fe i
Ay 6. - Bysa. musno mulsiplicantes fici-

" Ags 36. AB? 334, ant ABqua ratum,fimiles

, " plani eneme, A, B,
Nam A:Bs:: Aq. AB ; quare cum inter Aq, a vy

. AB b cadat ungs medis proportionalis, ¢ etiam 2 ..Z%_:

wous inter A; & B medius cadet. ‘Ucrgo A& B casi:'& S

- CoFrer 11N o

[
v

A;2. AcS. Accybg. . Si cubus numerns Ac ‘ R“f"‘

' feip fum muleiplicans pro-

J Ki
oot rmuli‘qu'e‘m‘Am,‘-.produt{u:Acc cabus evir.

Nam 1.4 a:; A.AqQ b:: Aq.Ac ergo inter 1,& o ¢ srg,
Ac sadupt-duo medii proportionales.Sed 1. A LY

Ac.Acc.s ergo ives Acyée Ac cadunt eciam duo 8-

niedij oo

N
b3

’h\\
/
i
!




176" EVCLIDIS Elementorum

medii proportionalos.l’toinde]cum Ac fit cubus (
8. derit Acc cubus. Q. E. D v liu
Vel fic ; aaa (26) in fe du@us facit azaan. | py
(Acc;) hic cubus eft, cijus 1atus aa.
o Pror 1V. ° L:
Ac,8.  Bcy27. ' Sicubus wumerss Ac |

e, 64. ABc, 216,  crbuws numerym Beal- | iy
L tiplisans , facias aligumt | g
AcBc, falus AcBecubuseriy, 7 .
i Nam Ac. Bc ¢ 1 Acc. AcBc. fed inter Ac | 2
'or . & BCbcadugr dua medii propotiogalesicergo | &
- inter Acc, & AcBc rotidem gdyat, iraguecum - |
5.8, Ao fic cabus, d.erit AcBe etiam cubss, Q-E-D- ‘
Vel fic. 4¢Bc =2 anabbb (aliabab) = C: ab- | &
o ‘P RoOP V ‘ o

Ac,8. By27. | $i cubus mumerws A
Acc,64. AcB, 216. numerum quendem Bi;ﬂ#l- ‘
11 utipliga faciat cubum u

AcB; & multiplicatus B gbu:’zit,. ! b
" Nam Aec, AcB aig Ac. B. Sed inter Acc, & k

"E A beadunt doo medii progomionales. sergo | €
B.8. - totides cadent inpendc, & B qrgg cum e A b
3.8 busfit, 4 Aizm B.aiwg ent. Q E.D- , tc
T EReRYLIL
8,8 Aq, 6485, 512, - g% pungerht A fe
~ " o el

ciat Aq cubums; @"i;ﬁ "tubus erit. be I
”. Nam guia Aqp cubys ,, & &gA (A9 > @}y
9dfy. bus,c erit A cubus. Q.E.D. ‘

.9 - . R N e

O pmeecvif B0 |

A, 6.8, 11, AB,66: . Si.ompofiins mamess |

T Dya. Brgy s i) Amimesds quemyion B

A T pmudviptinats s quompem |

| fetiar AB; falbus AD foriluganis. - Guonians | !




Liber 11X,

Quoniam A compofitus s » metitor eumn a HUA
Yiquis D, putaper E. bergo A == DE ;v quare ey 4.

DEB— AB folidus eff. Q E..D.
PrRopr VIL - :
1. 23, 2%, 9. a3, 27,34, 81.06, 2430 0 729,
S5 ab unitate quatcanque numeri deinteps propor-
gionates faewimt (1, ma%0%'aq. &, ) wentias
quidem ab unitate a® quadratks eff; &- wikng inver-
mittentesomnes (a4, 26,08, 8C.) 1 quaviusentim
a 3 eft cubus; & duos intevmivtemés’ ommes (36,n,, -
8ec.) feprintus vere a Sycubus (Fasul & Quadieis; ¢
guinge Diterosittentes ennes (2%, 4 %8, &ey
- Nam 1. atz=Q a. & 9’4 2 asaa 25Q.2h.
& a6== aa2aaa == Q, aaa, &c.
2.a3—aaa=C.a. & 48— aaaaaa— C.
aa. & a2aaaaaga == C. 2ag, &Kc, _
3. 2% == na3asa = C. aa == Q.ada.ctgo,&¢.

e

ari=

Ttemquiarassatas entast==adinge

C: a.d ergo quartus ab 8 55 nempe a5, etlam e d23.8.

bus érit;, &¢, ergo 4 6 cublisdimul tk quadtiands
exiftiy, &e. B v oen
Procr 1K
. 1.2 4.23,16.33, 64..a 4 256, &c.
T.2,8, 43, 64,23, 512, a4, 4096,

Si 45“4mi;¢t_¢ quotcangue numert desuceps pra-
portionales fuerint (1, 2, % a3 &C.) 5 guisvero
£a).poff unitatems fit quadrasiss 5 <0 religui gmpess
34,23,3 4y &e. quudrati evint. At ff a, qaipoft
wnitatém it subns, Qv religui omnesa 52 Ha 4e&c,
cubi erant, - R S

1. Hyp. Nama?,a4,a6, &c. quadeati dyat

exprac. item quiaa ponitur quadratus 5 s et 438

tartius @ , quadratus, pariterque a$, a7, &c. €1go
omnes. M 2P

Vel juxea Buclidem; quia 1.8 8119, ad,6 erbc ady.
Q:a. ergocuma?, a3, a4 fine & ceric 207
tertius a ¥ etiam quadratus. partery; 2%,a8@ic.
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EVCLIDIS Elementorum
2. Hyp. a cubus ponitur, ¢ ergbat,a7,2%
cubi funt ; atqui ex praeced. a*, 26,29, &c.abi
funt. denique quia 1. a:: 2. aa,certas=Q
a. cubus aurem in fe dfacit cubum ; ergoasar
bus eft; & ¢ proinde ab eo quartus a$, paritergi
-a-8 a*t, &c. cubi funt. ergo ‘omnes. Q. E. D\
Klarius forfitan fic; Sit quadrati alatusb. e
.go feries a, a3,a3,a 4, &c. aliter exprimerur fic
.bb; by, 6, b8, &c* liquet verohos omnes qur
«sratos efle ; & fic etiam exprimi poffe; Q. by Q:
bba Q H bbb) Q: bbbb} &¢. - .
Eodem modo, fi b-latus fuerit cubi a, feries
ita momivari peteft ;b3 I56, by, b, &c.vel
C:b;C:bs, Cibs,Cibd,dc.

ST Prorp. X
Da,akadabafab | Sigh anjtate qu-

152,458, 16532, 64. . cungue nuweri deinceps
' proporsionales fuerint (1)

3,83, a3, &c.); qui vero poft unicatens (a) non

fit quadrasus, neque alius.ullus quadratus evit. pre-
ter a s tertium ab unitate, & wnum insérmittentts
omnes (a4,a8,ag.) A ffa, qui poft. unite-

tem, non (it eubus,neque ullus alivs cubuseti pre-

ter a3 guartum ab unitare, o duos intermittentes
omyes; a6, a9,a 3, ¢ "

1. #yp. Nam fifieri poteft; fic a5 quadratus
numerys. quoniamn igitura. a2 4 a4, g, A

’. o #.jnverfc'a S.a4: az.2; fintque as, & a4 bqua
‘gf " © {dvati, primufque a'z quadratus, ¢ erita enam.
4 8 gquadracus, contra Hyp:. - I

‘2. Hyp. Si fieri poteft, fit a 4-cabus. ‘quopi-‘

am igitur dex zquo a4.a6:ra, asjatque m-
verfea 6.4 :: a;. a5 6 fintque 26,8 a4 cubl,
& primus a3 cubus, ¢ etiam a cubys erits con*

tra Hypoth® ‘
' . : " Pron

|




" Liter ‘1x. ~
. Proer XI

In 3y 2y 23 34, 28 a6~ - S:lﬁb,u-
B & 927, 81, 443, 729.

179

nitate quot-
tung; numeri ' ~

deinceps proportionales fuerint €152, 25, a3, &c.)

* minor majorem thesitur per aliquem eorum qwiin

.. L b ay. 7.
. quem metiri ponitur Q. E.'A. 036 7

proporsionalibus funt numeris. e

* Quonain £ N , 3a_ . aa3;
uobiam f. a:i .22, « Bt =T ;
‘Q” am 1. 2 .33, serit 3. g d§ e

L : &30.8f %
item quid’ 1. 3251 4. 223 # erif 102 o
q, . . W@ t';‘_'-aa:'b“%

2% af.. Y
aa == a3 &c. denique quia ¥. azb:ta af;
a4 a8 "

s erit“»:"._.—“_f"ai = 73 &
. o | r“. . . carqllf" I ' -
Hing, i numerus qui metitur aliquem: ex pto<
portionalibus, non fit unus -proportionaliumy-
neque nimerus per quem metisur, it aliquis ex.
proportionalibus: | :

y -

, Pror XII- RS
T332y 235355 24y Si ab unitate quotcunds -
1;.6,36,216, 1296 numeri deinceps proportio~ '

- Byze . nales fuevint (x, a 34 -,

o 33,34 )3 quicungue pri-

morum numeroruin Bultimum 2 4 metismtur, iidens.

(B) @ enm (a) qui umitati proximns eftmetienturs”
‘DicB non metiri 2, aergoBad a primuseft 5° ." 1 1.

b ergo B ada 2 primus eft ; &<.proinde ad 34 3 35,

corall. L .
. 1.Ttaq; omnis numerus primus vitimum me- -
tiens, metitur quoqs omnes alios ultimws P“s"i
cedentes. M a . b



180 EVCLIDIS, Elementorim

s 2. Si aliquis pumerus non metiens proximim
unitati; metiatur ulthum., erix sumerus con-
Poﬁtus-" - Gy v-.; Wl
*-g. 'St proximus finitdti it printus pumerss,
piflas-atas primus numerus ultimbim metdetur.

CC PRI R XL

/
i

LN VoL
e

14 4 o, a3, a4, U ST ab unitane
L LS 2, a2y, 6250 ?atcanquefmmi
Sioly WenGo-F--Boc " deinceps proporiio-

e e ales fuerine (2
3 o3 42k AV ;) y qut vero poft unitatems (a) primus
[fit; maximum nullus alius metiesur , preer.eos g

Juptin pumeris brgpogtigpalibus. , o

i feri poteit , alius'quipiam E metigtur ag,

aeor.12.9.% nempe per F 5 acrit F alins extra’ 4, a8, a3,

b2eora.9 Quia veto E metiens a4 doh metitur ¢, beric

€33 7. ‘e Ay
dirons. E numerus compolitus, ; ¢ ergo cum aliguis pri

€3 eory2 g, MUS }“etitm’., 4}]11'1 Bl'b?lldé ipfum a4 me.titur‘,'
e%ﬁuemkusmsmeﬁv. S qupRi 48150 4 e
tar: Bl Bodem -mpdoofttndeétar Feompofitus
foany,  DmEVRIshmEricnsas; adeoige s il F metis

Shor: itaque quum EF f=—a4 = a inasng @it B F.

h zodify. a3.ergocum « metiatur E , b que F'metietur
keor3i 9. g3, puta per eundeln &. -k Néc G erita ', velas.
‘ erges moprius. G ot fumeruscompodstus 5 &
el mpritur; quintngrene FGFr=qb = @3 in g,

g &t @ F 1 Geess ¥ preinde ; quiarA metitur
Fsyeguee G-meti¢ty &2, {dlicet per eundem H;

kgl aon.oft 4. .ego quam G B ocus = .

* LerieH w:e. Gorergo:quia. axpetigar <G (ue.

:";Z’«;. 7, pius. ) - etiani; HB ometietur i o, rmesuve pri-
KX ;m, ;%F-,'N..a Lo Lortnh

S
BN
R - R .

— ae P et AR

B,

P
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Prok XIV. )

L Byjo. St minimum numerum A
B, 2 C,3. Dys.  priminwmeri B, C, D gye-
- E--F--. tiantuy; nullyy alius nume- -

_vys primus E illum moetie-

‘tr, preter eos, qui 3 printipia metiebantice.

Sifieri poteft, ﬁt-‘; =F.q¢Ergo A== EF. sgaxy.
bErgo finguli primi numeri B,C, D jpforum 4 5, ,
E, F unum nretiuntur ; ‘ndn B, qui primus po-
nitur; erge F ; minorem fuilicot ipfq' A 3 contra

Prab XV

A,9.By1z2. C,16.  Sitres mumert N, B, C
53 Euqe  deinceps proporsionales, fue.

i vint minimi omrivm ean~
demeum ipfis vationens habemtinmd s dwo quilibes .
compoffii, ad reliquum primi erene. '

¢Sume . D, & E'minimros in ratione A ad B. | .
bergo A=—Dq; ¥ & C—=Eq; b & B—DE. Quiabs.8. -
vero D ad E ¢ primus €@, 4 erlt D—+E primus ad c"f”;i
fingalos D, & E. * éfgo D in D+ Ee=Dj~+ x 26 7.
DE(fA -+ B) ad Eprimus eft, ideodue-ad C} 3.2
vel Eq. Q. E- D Pari palto DE-+Eq (B-+C) g17.7.
ad D primis o> & proinde ad A==Dq.QE.D:

Denigue quia B ad D45 hprimus eft 316 ad P267-..
hojus uadracany kDg—+ 2 DE w Bg(A -2 167

-B~+Clprimus erit) quareidem Bad A+ RG>

¢ adeoque ad A€ primus esit. Q_E. D.

ST

Y ; ‘.“ PROP.
S ws L meng
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ass. v
biry..
¢6.ax.7-

:"-’,'
21.9.
ciodd 7y

d e, ex7.

ax.y.
P ioy.

o270

EVCLIDIS  Elementorum

Pxog. XVIL

A,3. Byg. G--n i duo numer A, B
L i inter fe fueyint ; non it
ut primus A ad fecundum B , ita fecundusBade:

lium quempiam C.

"DicA.B::B.C.ergo quum A & Binfu
ratione s minimi fiat, A 4 metietur B @queacd
ipfum C ; fed A ¢ feipfum etiam metitur 5 erg
A & B non funt primi inter {¢; contra Hypotb.

Propr XVIL

- A,8. B,12. C18. D, 27. B---
i fuerint quatcunque numeri deince !fro[ortim
nales A, B, C; D, extremi autems ipjorsm Bs
vimi intey fefint 5 non evit w1 primus A ad fecun-
dum B, ita uitimus D «d alium quempiam E.
Dic A.B:: D. E. ergovicilfim A. D :: B. Es

ergoquum A & D ju fua ratione « minimi hot,

b metietur A ipfum B ; ¢ quare B.ipfum C, & C
fequentem I, 4adeoque A eundem D metietur.
ErgoA & D non®at primi inter fe , contra
Hypoth. : o

. PRO PR XVIIL

A, 4. B, 6. C, 9. - Durobus numeris datis A, B,
© Bq,16.  confiderare an pofsit ipfis ser-
B tins proportionalis Cinveniri.
Si A metiatur Bq per aliquem C 5 s erit AC
~Bg. undepliquet efe A.B :: B.C. Q.E.F.
A,6.B,4.Bg516. Sin Arnon metiatur Bq,non eyi:
aliquis tertius proportionatis-
Nam dic A.B:: B.C. s ergo AC==Bq.¢ preinde
Be—C. Scilicet A metitur Bq, contra Hypotb.
‘ - : 0

PROP.
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Liber k1x. J183

Pnor XIX.

A, 8. B, 1 C 18. sz7

. Tribis numes
LC: 216

vis datisA, B, C,

 confe derare an
pofiit ipfis quarm p’oportwnahs D invenivi,

St A metiatur B C per aliquem D, ser

2gaxy.
AD =B C;bconftat i 1g1tut effe A.B : C. D, bex19y.
QE.F.

Sin A non metistur B C 3 non. datur quartus

proportionalis; quod oﬂendetur > proutin pra:-
cedenti.

Pxor-xx

. Primi numeri plures funt
Ay B, 3. Gy

omnipropofita multitudi-
, D, 30. G-~~~

ne primorum numerorum
A8, C
«Sit D mxmmqs » quem A, B, C metiuntur, 3 38 7
§i D-+1 primus fit 5 res patet 5 fi compofitus ,
& ergo ahqms pnmus » putaG, metitur D~-1 , b 337,
qui non eft aliquis trium A, B, C5 nam iita s s

fii .
quum is ¢ totum D—+1,& 4:blatum D metiatur, §ferref

eidem reliquam unitatem metietur. Q. E, A. ey,

Ergo propolitorum primorum numerorum mul-
mudo auctaeft per D—r1; vel faltem per G.

*Prorp XXL °
5 g‘,i 3 3 2 3
A.... «BuwF..C..G..D20.

Si j:dres numeri qud: cum{uc AB,BZ,CD com-
ponantur, tatus AD pererit.

a Sume EB:—:L AB & FC‘“‘

AD cft par pumerns. QE.D.

M 4 'vao,h

BC, &GD== 16,47
CD. b liquet EB -+FC+GD—- L AD. cergo c6.def.1s

S

B e oL et
— T AT

g
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lef. 7I

‘9.
P

EVCLIDIS Elewentorim

PxoPr _XX'II« {

: I b I
Ao F.B... G.€...H.D.L,E 1
¢ 7 5 3
Sé impaves namseri guotcunque AB,BC, CD,DE,
componantirsmuisisads antens ipforom (it par, totns
AE par efit. '
Detrala gnitate ex fingulis imparibus, a ma-
nebunt AF, BG, CH, DL numeri pares, &
b proinde compofitus ex ipfis par efit ; adde his

¢ paren numerum conflatum ex refiduis unirati- -
- bus, 4 totus idcirco AE par erit. Q. E. D

ProP XXIIL

7 T Siimparet nu.
A .B..C.E.Dis. merl quorcungné
: 3 AB,BC,CD
componantur mple

-~ sitndoausem ipfbrum (v impar; cv totus AD impar,

02 4

-

X
w

aofors
P,

erit. .

Nam dempto €D uno imparium,reih]uorum'
ageregatus A C 4 eft par numerus. hufc adde
€D —1 ; b totus AE eft etiam pat ; quare reftis
tuta upitate totus AD ¢ impart erir. Q. E.D.-

Propr XJXIV.

s T . 8i & pari numero Aé
A..B...D Cro. par AB detrabatur y &
6 reliqpus B C par erit,

" . . Nam {iBD (BC —
1) impar fuerjtsecrit BC (BD=41) par. QE.D-
51in BD parem dicas , prapter AB b parem; ¢ erit
AD par; aideoque AC (AD -+ 1) impar, can-
tra Hypoth. ergoBC eft par. QE. D.

PrROP.




! le" I XQ ) ' 18f
Pror X Xv. '
6 3 % A pavi numero” A B '
j, - D C..Bio. impar A € detrabatsr ,
7. > religrus C B dmpar
£rit,

Nam AC_ 1 (AD)s et par. bergo. D B ar.defr.
eft par. cergoCB (DB —1) oftimpar. Q.E.D. :7'1- 1.
Pror XXVL .

6 1 Si ab impari numerg

4
A..C...D.BI1L AmeprBJdm- ‘
7 batur 5 relighus A C

Pﬂfﬂ'ﬂ’
Nam AB~1 (AD) & CB=-1 (CD)

o funt pares. b crgoAD-CD(A C)ctt pm‘ -7147 ’

Q.E.D
' PRoOPR xxvn
r 4 6 Si ab dapari wokro
A.D...C.....B 11, PBpardunhat:rC&

5 reliquus ACimpar erit,
Nam AB—1 (DB)

. aeht par; & C B ponitur par. b ergo reliquus ar.dlf 7 
CD par eft. cergoC D1 (CA) et impar. b oy % O

Q.E. D

Propr XXVI II
As3. . Siimpar numerus A paremnum-
B 4. rum B multiplicans fecerit aliquem

AB,12.  AB, falus AB par erit.

Nam AB « componitur ex im- aky. & 15

pari A toties accepto , quoties unitas contmmn o ,
in B pari. bergo AB eft par numerns, .
Schal.
Eodem modo , fi A {it numerus par, em AB

ar.
d Prop.
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Pror XXIX
4,3. i impar numerns A . imparem
B, 5. merum B multiplimn: feccrit alignen
"AB,i5.  AB; faftus AD impar erit. .
- Nam ABa componitur ex B lm-
#1547, pari numero toties accepto,quoties. umtasmdu-

bas g,  diturin Aeuam impari. b. ergoA B eft impa
Q.E.D ,
: - Scholium.
Bs1z (Cy4, . 1.Numerus A impar numerin
3.3, B parem mesiens per numersm
A,3. )

parem C eum metitir.
Nam £i C impa dicatur , quopiam ¢ B=AC,
: 39‘; 7. erit Bimpar, contra Hypoth.

B, 15 (G 2. Numeras A impar nume-
A3 rum B imparem metiens » per nk-

merum C smparem enm metithr.
: * Nam fi C dicatur par;serit A C, vel Bpar,
0289 contra Hypoth.

B,15. (C,5. 3. Omnis numerns (A Y]
A3 ) metiens imparem numerum Beft
impar.
Nam fi atervis A 5 vel C dicatur par , seiit
B numerus par; contra Hypoth.

PRrRop XXX
1&_’14 (C.8. " Dy1z  (E4
:. 3 : A, 3

Si impar numerus A parem numersm B metia-
:’_{t s, tAT> & illius dimidinm D metictuy.

018 9.

’93{:7./ e Sit = — C. bergo Ceefl numerus par.
o+ - Sit igitur E""C erit B=—=CAd—32EAe—21D.
:i'.;‘. fergo EA—D & gpromdc—- —E. QE.D.

PROP.

e =
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" Propr XXXIL )
Ass. Bi8. C,16. D=~ i impar nume-
- ' - vus A ad aliguem ng-
\overim.B peimus fft.; & ad illins duplam C primns
-grits RN v o
St fieri poteft s aliquis D metiatur A ;" & C.
{9 eigd D metiens imparem A imparerit , b ideo- 4 36kl.
‘que ipfum B paris C femitlem metietur. ergd ba.q.
4A; & B non funt primi inter fe,contra Hypoth.
o Cocoll. ,
" ** Sequitur hinc, numerum imparem,qui ad-ali-
quem numerum progteflionis dupla primus efty
Prmum quoque efle ad omaes numeros illius
progreflionis. =~ -
P rROP XXXIL

1. A, 2. B4 C,3.D,16. Numerortm
. A)B,C,D, &C. '

. binavio duplorum unafqwifque pariter par eft tan-

“tum,

. Conftat omnes 1, A,B,C, D 4pares efle; 06 dFy.?
atques & mimirumin ratione dupla, & ¢pro- baodfy.
inde quemque minorem metiri majotem per ali- €*¢:$-
‘quemexillis, 4 Omnes igitur funt-pariter pa- g 8.4fy.
tes. Sed quoniam A primus elt, e nullus extra *1-9..
eos eorum aliquem mietietur. Ergo pariter pares
functantum. Q. E. D.

7 P RopP XXXHIL.

A,30. By1s. . i numerks A dimidium B
DewiBen 0 habeat impavemsA pariter in-
.. pareftrantam. :

Quoniam impar numerus Bs metitur A perz .i
parem, b eft B pariter impat, _Dic etiam pariter b fy.
parem. ¢ ergo eum pat aliquis D per parem E ¢8.4f7.
metitar. unde 2Bd=—=Ad=D E:equate s, ¢ ?;;_‘ﬂ




18 ' EVCLIDIS Elementoym
f6.4ef3.  E::D.B. ergo utzfmetitur paremE, ¢ fic D
E10-9L7  par impatem B metitur. Q._F. N. '

Pror XXXIV.

A, 24 i par nusmerns . 5 uegue & binavio
duplus [ie,neque dimidinm babeat imps-

rom; parker pat effs O paristr impar. <
Liquet A efle pariter parem , quia dimidiuin
imparems pan habet. Quiavero #i A bifatietur,
& rurfls ejus dimidium, & hoc femper fiat, tan-
7.¢f7  dem iacidemus in akiquem s imparem (quia
non in binarium , quoniam A a binario duplus
. pon ponitur) is metietur l:ﬂPer parem pumerum
1 fibag.9. (03m b alias ipfe A impar effet; contra Hypoth.)

~  ergo A eft etiam pariter impar. Q,E.D.

PrRopr XXXV
Ao, 8.

4 8
B..F...G1z
L o 18,
$ 6 - 4 8
D,;ouuc. H ...... L-...K..».uu'Nz7'

i ; deil hortionaies
Si fint quatcungue numeri deinceps proporsionales

' AyB'G,C, D N detrabantur gutem F G afe-
“cundp, & K N ab ultimpsequples ipfi primo A; etit
st fecundi exceffus B F ad primum A s ita ylting
exceffus DK ad omnes A, & » C ipfum anteceder-

tes.
Ex DN deme NL=BG, & NHE—=C.
. uonism DN. C. (HN) s::HN. BG.
. (EN)s:LN. (BG)A. (KN) b erit -di-
7.5 videndoubigue, DH.HN::HL.L N:LEK.
.g. ‘KN.equareDK.€+BG—+Au LK (4BF.)
at KN ¢a.) Q.E.D. e }

: CGorsll, - ’
's. Hine e componendo , DN =+ BG—+C. A+
BG""C . 36- A, . ¢

Pror




= P e

- e wr

SIRY TE-

Pror XXXVI.
: . A52. B;4. C,8. D, 16. .

E,31. 6,62 Hi124. L, 248. F, 496,

M, 31, N, 465.
Pewse Q---

Si ab wnitare quotcungue numeri ty A,8,C,Dy
deénceps exponaniur éndupla proportione,quend tosus
compofitus E fiar primus,dr- totus bic E in witinmm
D multiplicatus faciat aliguem F ; fallus F erit
perfeltns. S

Sametonidenn'E; G, H, L etiam in proper-
tionevlupla rontiaue 5 ergo 4ex @quo A. D -1a147.1
E.Lbego AL==DE¢==F. dergoL == F0}9 7

. L - Y
quare E, G, H,L, F funt % in ratione du a:‘ru'z'
SitG~E=M, & F =~ E= N. tideo M. E.:%e38.9.
NE4+GC4HaLfitM—Eg ergo N:"-q."g,‘;‘;f'
Btk Gt Mot L. ergo F == 1+ B —#fusexs.
C+D~+E~+G+H4+L=E~N"
Quinetiar quia’ D kwetitur DE (F,) fetiam
fingi¥i 1, A, B, C m metientes D, » nec non ') sr.oxg.

‘Gy H, L metiuntur F. Porro nullus alths eup mas.g.

dem F- mgrieur. Nam B aliquis, fit P, qui msociv-
tic Fper Q. nergo PQ=F—=DE. “eqVagars,
E. Q:: RoD. ergo cum A primus numensno19. 7.

metiatar D, & p prosade nullus alius P uﬁd&np e

metiatur, 7confequenter E non metitur Ququaq 10 afy.
S

" recum E primus popatur > * idem ad

erit. fergo E & Q_in fua ratione miuixni;fqa_t,g"-.'l’,","
& propterea 'E ipfum P ac Q ipfum D qugesi 7.
metwntur,  ergo Q_eft aliquis ipforum A, B,C.
Sit igitur B; ergo tum ex Zquo fit B. D:: E.H; *
* ideoque B H=DE=F =PQ_ ~adeoque _, '
Q.B:: H. P.y erit H=—DP, ergoPeft etiam yq’Z’f..
aliquis ipforum A, B> C, &c. contra Hypoth.,

ergo nullus alius prter numeros praediétos eun-

3.7

deo: F metietur ; z proinde Feft numerus perfe-zas. dofi7, |

&us. QE. D.
N A L1B.
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LIB X.
Definitiones.
L 2 Ommenfurabiles msgnitadines di-'v

Cha cuntur,quas eadem menfura meti*

\

tur.

Comimenfirabilitatis nota eft “TL,ut

D Ay B; hiceff, iimea A 8 pedum
- commenfurabilis ¢ff linee B 13 pelum ;
qria’D binea unins pedisifingulas A. ¢
Bomesitur.. Item 4/ 18 T o/ §05q4ia

4/ 2 fiugnlas o/ 18, & 4/ sometitur.

i

3-8 4 R
© - 11 . Incommenfyrabiles autenn
7% " fuaty quorum: pullam commupem menfuram
w1 1 CODLNGE Teperiti, o
-Incommenfarabiiitas fignificitut nota "TL.uby/6
e g T 4 25 3 Yhoc eft 4/ Bingowmenfurabilis eft
-T2 vaMmero § , wel magnitudini bot numevo defignate ;
. quia baruss nulia eff communis menfura s utpoftes
o o ppatebir. i
<1 . ITL Re@alinéz potentia commenfurabiles
~ o funt, cum quadrata casum ider fpacium meti-

e

Nam /% =¢ 93 OV 5.,
.= ry o quare w18, 4/ 50;




Liber X, . '?

Y9I i§;
A B Hujsfeecommenfirabiivaris !
A nota eft G-.ur AB . CD; f
ARl h.edinea AB fex pedurmpoten- %
-] tia commenfurabilis eft linee i
B D E CD,, que exprimisur per 4/ ;
Cr—uD 20. quia prm‘um E anius pe- - 3
K 1 no dis quadrati metitvr tam i
) . ABq (36) quam_ rellangu- ¥
- . iim XY (20,) cui aquale eft i
XL, guadratum linee CD(y/20.) ik
4 Eadem nota T nomnunquam J
i aens y valet porentiz tantim com-
5 menfurabilis: . N il
1V. Incommenfurabiles vero potentia, cum
quadratis earum nullum fpatium, quod fit com- ;
munis eorum menfura, contingit reperird. :!i
[

_Hujufmodi incommenfurabifitas denstatur. fic ; \
§ “T- v8/ 8; hoc eft numeri vel linee 5, & v/ 8
Junt incommen{urabiles potentia § quis barum qud-
drata 15, &~ 4/ 8 funt incommenfurabilia. . -
V. Que cum ita fint, manifeltum eft cuicun-
que reétz propolit® s re@tas lineas multitudine
infinitas, & commenfurabiles effe, & incommen-
furabiles; alias quidem longitudine & potentia,
alias veto potentia {olum. Vocetur autem pro-
poﬁta. refta !inca Rationalis. : .
Hejusnord eftp. ! N N
" VL Echuic commenfurabiles , five longitu-
dine & potentia, five potentia tantum, Ratjona- -
lCS) I’l. .
V 1L Huic vero incommenfurabiles’ Irratio-
nales vocentur. AR :
He fic denotantary, v

V L1 Et quadratuni , quod a propofita re-
&a fir, dicatur Rationale gy, ©

IX. Et huic commenfurabilia quidem Ra-
tionalia fa. : .
i T X. Huic

1 -~ -



192 EVCLIDIS Elementoram ¥
X. Huic vero incommenfurabilia ; Irrationa-
ia dicantur, fa. ’
h X 1. Eeretla, quee ipfa poffunt, Irrations
€50 - g

Sthol. -

Ve pofirme 7
definitiones %=
enplo aliguo illv-
forentur 5 fit tir-
culus ADBD
cufus femidiame-
ter C B ;5 huicin
Jferibantar  latere
feurarws  ofds-
natarm 5 Hexa-
) o goné quidem BD,
o . .p Trianguli A D

el 8 D, pentagoni ¥ D.g; :upic,Z’ juxta s.de-
}”_ﬁm}'ﬁmettr CB it Rationgfis expafitayusmerd
z.oxpreff , cui velighe BP, AP, BD , FD compe-

r1g 4 _ypande fent @ it BPe2==BC— i. quare BP ¢
A BB janea 6, def. Iem APY =4/ 12
(s BBq (16) ~ BPq (g) = 12) quare AP

of s G- B.G , edam jaxta 6. def. arque ADY
(12)#@¢r, perdef. 9. Porro BDb== 4/ DCq

- BCq ==/ Sjelle BDep ;). BC;0BDY

pr. _D.Enique > FDq T fo - V 20 (ut[mftilif el

praxi ad 10.13. tradenda) erit jy 5 juxta 10 def.

& proinde ¥FD = 4/ 10 ., V zoeftf, panss 11

defin, . -
TS ) S 'I’qﬂultmm, .
Oftuletur, quamlibet magpitidisem toties

~ poffe multiplicari , dopet.quamlibe¢’ magat-
tﬁdinmejufxﬁ peneris.excedar, .

L P - sl

Axit

1B

S op e e A ey .

1
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_ 133
! Axiomata. e ’
7 1)V Aguitude quotcungue: magoinudines me-
tiens ; compolitam quoque ex ipfis meti-
. we. . J S .
{i’ 2. Magnisudo quamcunque magnitudinem
t,  meticas;metitur quaque omapm magaitudiney
% quamillapetitg. L
i 3. Magnitudo metiess totam magnitugigem
s & ablatam, mesityr & reliquam. C
T Prer L . ' ,

E[ -Duabus magnitudinibus inagualibus
B [ A B, C propofitis , fiamajore A B asfe-
| rasur majes guam dimidigm (A H) o
1GT abeo (HB) quodreliguum eft, ruyfus de-
strabatur majus guam dimidiom (H1,) -
F3- boc fexper §ar ; vebinguetnr tandem
quadam magnitudo 1B , que minor erit
: gryoﬁm minsre magnitudine C.
« Accipe C toties 5 donec ejus milti- 8 pof.t0,
A chlex DE proxime excedat AB ; fintque
DF=FGC=GE==C. DeyeexAB pluf-
vam dimidium AH, & i reliquo HB plufquam
imidium HI;& fic deinceps, dapec parces AH,
' HI, IB que stz fine partibus DF, FG, GE.
Yam liquet FE,qua von minoreft quam ' DE, .
majorem effe éuam HB, queminoreft *quam
3 ABTIDE. Pusiterque G E quz non migor

¢ chhquam ! FE ,majorel quam 13 7J  HB. er~ -
- geCovel’GRC IB. QuE.D. 2 ) |
¢ Jdem demanfieabitgr , 6 ex AB auferatyc di-

-midigm AH, & ex relique HB surfus digsidiam

HI, &ita deinceps. ‘

[

N PROP.
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. $0,
brp-

 £X.10.
aX.10.

fAre.
10,
£.10,

‘nem quoq; efle menfuram, hac maforem;ergo

EVCLIDIS Elementorsm P
PRrRopr IL

b i duabus magmitudinibys inequalibes |
propofitis (AR, CD)desyabatur fompet
B [ minor AB de majore CD, alterna gus-
. dam detraltione 5 o reliqua minime pre-
~ cedentem meriatur 5 incommenfurabiles
exunt ip e magnitudines. ‘
= Si fieri potett , fit aliqua E commt-
* nis menfura. Quoniam 1gitur A B de-
tralta ex CD, quoties fieri potelt, re-
linquit aliquam F D fe minorem, &
"A SB FDex A Brelinquit GB, & ficdeio-
.- ceps , a tandem relinquetyr aliqua
GB D E.ergo E b metiens AB, ¢ ideogue §F!
b & totam CD ; detiam reliquam FD), meyur.
¢ p;omde & AG;4d ergqh&vtehquam GB, fe!Pfﬂ
minorem. Q.E. A. ° C

‘Prowp IIL

) ‘ " Duabus magnitudinibus ’camm.éﬂf“' .
L rabilibus datis, A B, C D, maxiwam
earum communem menfuram F B r-

}B E T . pevire.

- -

F | DemeABexCD, &reliqum
= EDex AB,&FBexED, donec
.1 FBmetiatur ED ; (quod randem f-
G e quia per Hyp.AB T3 CD)enit
. FB queelita, = ;

, ] . Nam FB 6 metitur ED , cideogque
CHALC] ipfam AF ; fed & feipfam, 4 ergo 1
"~ . etiam AB, & ¢ propterea CE, 42
de"‘l“‘f‘ & totam CD. Proinde FB commuais
et menfura ipfarum AB, CD. Dic G commu-

metiens AB, & CD,e metitur CE » & £ reliquam

E D, eideoque A F > & fproinde reliquam F B,
major minorem. Q, E. A. '

.

co}oll. } '
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‘ torol). . A

Hinc , magnirudo metiens duas magpitudi-
nes , metitur & maximam' éarum - mepfuram
communem. :

I'no:'.ﬂ 1v.
,,A' -
B D
C E F

 Tvibus magnitudinibus commenfurabilibus datis
A, B, C; maximam earsm menfuram communem
invenire, o .

& Xnveni D maximam communem menfuram a 3.10.
duarum quarumcunque A, B ; « item E ipfafum ’
D & C maximam communem menfuram 3 ent
E quafita. 3 o

¢ Nam perfpicoum eft E metiens D &Ch o, 0. &
metiritres A; B, C. Puta aliam F hac majorem s.ex.t0.
‘eafdem metiri. ¢ergo F metitur D ;¢ proinde & ¢ oor.su0.
E, ipforum D, C maximam communem menfu-
ram, mdfor migorem, Q. E.A.. © . {

Coroll. S
Hinc quoque, magnitudo metigns tres magni-
tudines, mesitar quoque’ maximam earum com-

_mynem meofuram.

Pror V.-

A —.

D. 4. Commenfira-
Core F.1.  biles magnitu-,
" E.3.  dines A,Binter
[¢ ratianem babent, quans numernus ad nimersm.

a Inventa C ipfarum A, B maxima commuqi 83.10. 4,
menfura; quoties Cin A&B , taties I contl-
neaturin numeris D & E. bergo C. Azt 1.D5 wao.dfy.

. quateinverfe A.C :: D. 1. batqui etiam C..

N 3 ¢« B
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1§,

EVCLIDIS Elementorum

B::1. E. ¢ ergo ex ®quali A B:: D.E =
N.N. QE.D. .

Pror VL
E F.I.  Si due ms
A C.4. gnitudines A,B
B — - D.3. inter fepropor-

tionems habeant, quam riwmerus C ad numerum D ;

" commenfurabiles erunt magnitudines A, B.
aviies er

ib.10 §,
onflr.
”e
5. .
ax.7.
d.def. 9,

n"':uf 10,

Qualis pacs oft 1 numeri C, o talis ﬁatElp

fius A. oniam igitur E. A b3 1. C. aque
A.Be:: C.D; dex zquo erit B. B 1.
ergo quum 1 ¢ metiatur numerum D , fetiam
E metitur B; fed & ipfum A g metitur. b ergo
ATLB. QED.

Propr VIIL
R SR, IuMmfwcH{e:
B e« ttagnitcines AyBim-

sor fo proporeionem non habient g mumErss ad

BRNCI WS -
Dic A. B :: N.N. sergo A 0. B, contra
Hypoth.
' 'Pror VIIL
Si dive magnitndints

A e—

B

neny non habeant, quam numerus ad numerkm, -
commenfurabiles erant magnisudines. :
Puca A“T1-B 4 ergoA.B :: N. N, canir

—y bl B D
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Pror. 1X.
A e Oue & refdis liveis longits. !
B —irmets dine commenfurabilibus funt .
E4 quadrata, inter fe proporeio-
 nem habent, quam  guadratus.
numerus ad quadrarum nwmerim: o~ quadrata in-
ter fe dpruportim babentia, quam guadratns nume~
vus ad quadratum wumerums, © latera habebuut
lemgitudine commenfurabilia. Que wero & reflis

- lineis longitudine incommenfurabilibus fiunt quadye-

ta 5 inter [t proportionems son babent, guars quadni.
tus gumerns ad quadratum numersm : & quadtata
inter f¢ proportiovems non habentia, quam quadratus
xwmerxs ad quadeainm sumeram, weqi lasera habe-
bumt lomgitudine commenfurabilia.

1. Hyp. A, T B. Dico Aq. Bq:: Q.Q.

A Nam « fit A, B :: aum, E.E:um. F. ergo | e 4.0,
Q5 A c__E o e 0. 6.
iq( ghis ) =Tbs ‘=7 ergo Mg B0 8
By:EqFgnQQ QED. - ¢l

2. Hyp. Aq. Bq:: E?Fq:: QQ, I:,lc.ﬂ A

A AgNg_ Eqh E

= N -B- Nﬂm; bls ( B;) - F.a- F g ‘]P-‘

bis.i ergo A.B z: E.F:: N. N.k quare Ab 1. 8.

T B.QED, - - ek
3. #yp. A'TL B. Negoefle Aq. Bg:: Q. Q.
Namdic Aq. Bq :: Q. Q. Ergo A T B, ur

-modo oftenfum eft, contra Hypoth,

4« Hyp. Non Aq. By :Q, Q. Dico A'TL
B. NamputaA @ B;ergo Aq. Bq:: Q, Q ut

~ modo diximus, contra Hypoth.

Corpll.

Line® “Tifunt étiam T-sat non contra.Sed
linez ‘T non fuat idcirco L}, Linee vero ' g-
funt etiam'T}-. e
o N 3 ' Pror.

)



158 EVCLIDIS: Elementorum
P ROP X A
Si quatvor magnitudines proportis- K\l‘
nales fuerint (C. A ::B.D; ) prim M
' vero C fecunde A fuerit commenfir
{ | | rabilis ; & teriia B quaree D commer
} l l furabilis evit. Et [f prima C feonnde } A~
t |

‘A fuerit incommenfurabilis,&r tertiaB | E-

quarte D incommenfurabilis erit, b.

ABD SiCTLA,gideoeritC. AxN | m

2 §. 10, ‘ N&::B. D.bergo BT D. SinG §, tm
ot B-A, ergocnon erit C A NN B.D- 1

i310. 4quare B'W-D. QE. D. I()l(
’ - ¥
LEMMA 1, o
Duos nimtyos planos invenive , qui propuriitnen Nan
non habeant , quam quadratus numerss ad gudre: wpi,

LR nAMEYSm,

Huic Lemmad fatisfacient duo quiliber o
meri plani non fimiles 5 quales funt pumeri b
bentes proportionem fuperparticufarem , vel fu-

perbipartientem, vel duplam; vel etiam duo qui*
vis nunieri primi, vid.Schol.27. §..

LEMMA 2. !

D T TN S ‘

D KAG¥rFLWM ) \
A R Bys,Cs 30 - A

Inyenire l_i;.w‘z}n"HR > ad quam data yefla lineé ‘}ma
KM ﬁ‘g in ratione datorum numerorum B,C. - .
06, ¢ Divide K M in partes zquales zque multas l
unitatibus numeri B. harum tot , quot unitates
funtia pumero C ,  componant re®am HR- . |
liguet effe KM. HR :: B.C. ; i
LEMMA 3. . I
. Invenirelineam D, ad cajus quadyatum date ret ¥
» . * ! ‘m
&a K M quadratum fit in ratione ditorum numero: J o

74m By G,
Fac



..I.O.
_Nam A.D e Aq.Eq. ergo com AT D it

N » "
.- Liber X., - 199

FacB3. Ca::KM. HR. ac intet KM , & 22lemo,
HR éinveni mediam proportionalem D. Esity%, ¢,

KMq. Dqe:: KM- HRd::B. C. td:::;ﬁ?
P R O Py X5
A- w—r——B.20.  Propofite relle li-

E — —————  C.16. nee A invenire duas
D —— veftas lineas incom-
menfurabiles ; alteram quidems D longitudine tan-

_ tum, alteram vero E etiam potentia,

1. Sume numetos B,C, 4 ita ut non it B.C :: .; o't
Q.Q.b fiarque B. C :: Aq. Dq. cliquet AT w0
D. Sed Aq4TLDgq. -Q.E.F. b:.lm 10,

2. d Fac A, E = E.D. ‘Dico AQ'O-Eq. ¢
“ut prius, feric AT Eq. Q.E.F. ’ ‘3,'3:2.‘
' f o0,

*Pror XIL

oxe (A, B) ¢jdem magnitudini C
Junt commenfurabiles > & inser fe funt
comménfurabiles.
l QuiaA T C,&C 1 B, #fitA. a5 10,
C: N N:: DB oa-
. ‘D,IS.E,S. . que C.B:: N.N:u: E.
C

F.1.G.3. G. b fumantyur tres au- :
H;g.l,4~.K,6.’ meri H, I, K minimi & b48.
inrationibns D ad E, & F rad G. lam

_i
|

>

quiaA.C ¢ D.Eez: H.1 ac C.Be:; F. G+ coonfir,
e L K. derit ex zquali A, B:: H.K it N. das.s.
Neeerpo AT B. QE.D. | L, e
. “Schol. o o

- Hinc ,: omnis. reta linea rationali line= to &
comimenfarabilis 5 eft quogue ¢ rationalis. Et i7g
omnes reftz ratignales inter fe commenfurabi-

fes funt, faltempotentia. Item, omne fpatium
rationali {patie céinmetdurabile , eft quoque ra-

‘ionale ; & orhnia featia rationalia jnter fe com+ 99 . -
g ST L Na men-

o TR
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' menfurabilia funt. Magnitudfnes veto ; quanim |
altera eft rationalis alter4 frrationalss , funtio- D,
af 7. 810, o (e incommenfutabiles. C g«
Fror XIIL )
CA i Si ¢ dnemagnitadins by |

[ op— B ; ¢ altere quidam A eilm

‘B < smass ' C fit commenfrrabilis  aluere

. vevo B incommenfirabilit; incommenfarabiles enmt
magnitudines A, B. ' ‘

DicB L A. ergocum Co*1L A 4 perit C

Ve  “EL B, comtta Hypoth. :

' PROP XIV. :"

 byp,

6.
5o’

1o, ABCperic AT C, ¢ontra Hyp. _

C‘”h B !
) fb imm%bﬂix dongitudine; ¢y terie C vor {

v S fint due magnitidines commenfira-
I biles A, B adtera antem ipfaram |
i | A magnitudint cuipiam © incommenfira- | b
l | bilis fuerit ; ¢ veliqun B &dem C incons-

I “menfuyabilis evit.
I Data B'ﬁ./c. ergb, cuh ALsB, | )
iPrOp, XV. i

. A e —— Si gaashor refe li- l
B nee proportionales fue- |
C ' rint (A, B::C.D;) |
D - —— primavero A-vanteples ‘
pofiit quam fecanda B 5 quantum eff guadvatum re- ‘

&4 linea ibi commenfirabilis longitudine;or tertia

- C rantd plus poeric , quam quarta D', quintins i
eft quadyasum yvelte 5’1«‘ fbi longitudine commen- '
Jurabilis. Qod [i primms Ar tanto plus pofiit quam

ntnns eff quadrainm refbe linee

19 piE3 poterit.qnam quevia D,ganntxm eft gradre-
' _u'::::&a hnex fibi Ibngitdi;c fncommen(uyabilis. i

Nam quia A. B s :; C. D, perit Aq. Bq ::
' €4q. Dq. # pego dividendo Aq =Bq. Bq :: Clg-'

- e . e



Dq.Dy. dquarey/ : Aq=B 1, B:: ¢/:Cq Dy, 4.6,

D. ¢ invertendo igitur B.:{' : f‘l:/m}\:: D B p ;::’“
Cq~ Dy fergoex =quati A. v/t Ay—Bq::
C?‘/I:)?;qfﬂbq-proindeﬁ ATL, vi'tn g/ _
Aq— By gerit fimiliter & 1L, vel 'TL 4/ 8'% 1
Cq~Dq. QED. »
" Pro?* XVL

‘A . Si due magnitndi-

. il Cres  commenfurabiles

D —meee . AB, BCcomponan-

' tur , c tota magni-

tudo AC utvique ipfarum AB, BC commenfurabilis

erit : quod fFtata magnitado AC uni ipfarum AB,

vél BC commenfurabilis fuetit 5 o que & princi-
pio magnitudines AB, BC commenfurabiles erunt.

1. Hyp. 4 Sit Dipfarums AB , BT communis 43.00.

AB,&BC. ‘
2. Hyp. o $it D communis menfura ipfarum
AC; AB; dergo D metitur AC~ AB (BC5) 4, avio

meafura. b ergo D metitur A C. cergo AC TL brex.10
"QED. 8

¢proinde AB 0. BC. Q.E. D.
Covoll,

Hin etiam , fi tota maguitudo ex duabus
compolita, commenfurabilis fit alteri ipfarum ,
cadem & reliquz commenfurabilis erir.

Proer XVII

it & due magnitadines in-
A B C commenfurabites AB,B C
D ~=  COMPOMANtUYsy PO12 MAgHI-
sndo AC utvique ipfarwm AB, BC incomamuf;m‘«
biliserit » Quod f rora mwgnitndo A C uni ipfa-
rins AB incommenfurabilis fueris 5 & qua 3 prin-
cipio magnitwdines AB, BC incommen(wrabiles

erant, N 1.Hyp.

cudef100
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ax.10,
def 10,

6, 10,

LT
'e.
..

fir, &

_EVCLIDIS Elementorsin
v Hyp. Si fieri potelt , fit D ipfarum AC
AB communis menfura. o ergo D mentur
AC~ AB (BC.) bergo ABT-BC , contrd
Hypoth. . -
x. Hyp. Dic ABTLBC. cergo ACTH
AB, contra Hypoth. S

" coroll.

Hinc etiam, {i tota magnitudo ex duabus
compofita,incommehfurabilis fit alteri fpfarum
eadem & reliqua incommenfurabilis erit.

Propr XVIIL

Si fuerint
due velte Ui-
nea inequalts
AB,GK;
" quarie 4";"”

L argi - quadrds
FCD ,fi 5 quodfit &
G — X minori GX »
' _equale pard:

_— elogramman
ADB ad majorem AB applicetur 5 deficiens figura
gquadrata, & in partes AD , DB longitudine com-
menfurabilesipfam dividat ; major A B tanto plus
poterit quam minor GK , quantum eft quadyaram
recte lmee F D fibi longitudine commenfurabilis.
Owod fimajor A B tantoplus pofsit , quam minor
GK, Z:mmum eft quadratim rvefe linee ¥ D fih
longitudine commenfurabilis ; quarte ausemparti
quadrali , quod fit dminori GK , equale paralle-
logrammim A DB ad majorem A B applicetut »
deficiens fighra quadrata, inpartes AD, DB longi-

* tadine commenfurabiles ipfum divides.

4 Bifeca GKin H; & pfac reltang, ‘ADB =
GHgq; ablcinde AF == DB. Eftque ABqe==

4 ADB4(4GHg, vel'GKq) —+ FDgq. . Iam

. primo

— o x om e T
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. primo; Si AD T DB, erit ABe"0.. CB. - 916 10,

:DBf (AF~ DB, vel AB— FD)gereopifie o
ABTLFD. Q.E.D. Sinfecundoy A B I3 heori6 so.
ED, herit ideo ABT-AB— FD (2D 38) :1'61}‘:'

kergo AB - DB. / quare ADTL DB.-
Q.E. D :

‘PRo p. X1X.

- St fuerint
due'vele lis

nee inequa- :
les AR, GK3 . -
quarte antem
parti quadra-
t, quod fir 3
minore G K,
rquale . par-

- allelogram-
mum ADB ad majorem A B applicetut, de_é'ims f-
ﬁ.m quadrata 3 & in partes incommenfurabiles

gitudine AD, DB, ipfam AB dividat ; major
ABanto plus poserit, quam minor GK , quantums

- eft quadratum rette linee FD , fibi {ongitudine in-

commenfurabilis. ' Qurod [ major A B tanto plus |
bofsit, quam minor GK, quantum eft quadratumve-
Belines B D ffbi longitndine ‘incommenfurabilis ;
quaree autem parti guadrati 5 gqeod fid minore
QK, equale! “yrallelogrammuns ADB ad majorem
AB applice™t®;, deficiens figura quadrata; inpartes
longitudine incommenfurabiles AD, DB ipfam AB
dividet, - ' L

E;{&a puta, & difta eadem, qu= in”przcc- -
denti. Itaque primo,Si AD TL DB ,aeerit pro- 2710
pterea AB ‘T DB ; bquare AB T :DB
(AB —~ FD) cergo ABTL.FD. Q.E.D. € cor. 1Y 10
. Secundo, SIABTLFD ; ¢rgo AB T d13-1%
AB<FD(2DB:)dquarc ABTTLDBs & .y
eproinde AD “TL DB. Q. E D. . . :

PropP

\
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6.
6.
p-
0,10,
&9
0.

. 10,

1.v0,

EVCLIDIS Elementerum

Pror XX

wod fab raviomk:
A Iiﬁas‘l longitndine com-
menfurabitibns reilis li-
neisBC, C D, feeun*
dum  aliguem prelitto-
, rum modoyum , contine-

E C . D tur relangulum BD,

© rationaleeft.

Exponatur A, §. & 4 defcribatur BE quadra:

1om ex B C. Quoniam DC. CE (BC) b
BD. BE & DCeTLBC; deric rectang.
BD 1 quad.BE.ergo quum quad.BE ¢ T3-Ag;
ferit BD Q. Aq. proinde reftang. BD efty.
Q.E.D.

Not. Tria funt genera linearam vationaliam in-
ter fe commenfurabilium. Aut enim duarum linea-
ramt rationalinm longitudine inter fe comimenfura-
bitinm altera aqualis eff expofite rationaliiant neu-
#ra rationali expoftte equalis eft, longitudine tamen
o xtrague eﬁ commenﬁcrabilis,' ant dmiqneumquc
expofiterationali commenfurabilis eft folnm poten-
tia. Hifunt modiilli, guos innuit prefens thes-
veme, -

_ . I1n numeris it BCy4/ 8 (14/3) & CD, /18
(3 v/ 2,) erit reftang. BD=—4/ 1 4= 12.
. Pror xx1. '
N 3 Si qignale D B
E . ad, rat':zg(m:l DC
applicetur  Satiendie

nem. C B effcit ra:

A T -j,fctiomlem,(y-ciﬁc

ad quam applicatum
¢ft DB, longitudine commenfirabilem.
_ Exponatur G, p. & defcribatur D A quadra-
tum ex B C. quoniam BD. DA«+::BC.CA;

atque, BD DA & funt fa, < ideoque “T3- ; 4;%

s

it

A=
C-

b

S
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Liber X, 20%

BCTL CA. at €D b ek g BC efib.un o,
et p. QE.D, (CAIb el j.e ergo BC efib.sn o

1n numeris, fit redtang. DB, 12; & DC. 4/ 8.

erit CByy/ 18.atqui ¢/18= 3 4/ 2.8 4/ 8 —a
X V 2 . ’ ’
LEMMAL. .

A Duas velles vationales po-

B sentia folum commenfurabiles
¢ inveaire N .

Sit Aiexpofita f. s Sume B 13- A, & C 13, B.

b liquee B, & € cfie quzﬁta:} T ek s, 10,

PrRoP XXIL

uod fub retia-

na,l?b\us DfC, CB
potentia folum com-
menfurabilibusvellis -« .
linegs contimetyr vo- -~ -
. Eangulum D B, ir- '
ationale eft; o velta linea L ipfum potens, ireacio- -
nalis svocetnr antem Media, : ‘

Sit G expofita p. & defcribatur D A quadra-
tum ex DC; firque Hg==DB. Quoniam A€, .
CBe:: DA; DB. b atque ACTTL CB, cerita v 6
DA ‘DL DB (Hq). da;gui Gq T DA.eer- 2 22
go HQ - Gq. flergo Heft . Q. E.D. vo- 8 . ¢
cetur autem Media. quia AC.H :: H. CB. e

In numeris, {it DC,3 ; & CB, 4/ 6. erit te- f 3 100
&angulum DB (Hq) 4/ 54. quare H eft uy/ 54.

Medix nota eft w, Medii vere yy; plurali-
terpue. .

SCHOL. .

Omee reflangulum, quod poteft contineri
fub duabus refis rationalibus poteatia folum
commenfurgbilibus, et Medium 3 quamvis con-
tineatur fub daabus reflis irationalibus 3 atgNe

ompe .




3

EVCLIDLS Eementorim
onme Medium potelt contineti fub dusbus m@}}f
rationalibus po.cucia tantun comme“fufa,b”
bus, uc exemp. gr. 4/ 24 eft wr. quia contlpett
fub 4/ 3,& 4/ 8, qui fune § . etli poffetcor
tineri fubvy/ 6, & v,/ 96 ittationalibus; s
v 94 = vy/ 57604/ 6 in vy/ 96.
- PR or XXIIL ; (&)
. o Quod (B
P A & media Aﬁh"d
Q- rationdem BU
applicatum » i
o tudinem CD 1
° =V tienalem eﬁﬂldy
, o ¢ BC,4
B E F guam applicarum

eft BD longitudine incommenfurabilens.

- ".Quoniam A eft .4 eric Aq rectangulo ali

cui (EG) =quale contento fub EF» & FG
¢ I} b ergo BD=EG. ¢ guare BC. EF =FG.
GD.dergo BCy. EFq:: FGq. CDg. fdBCo
& EFqe funt ja,f 1deoque T1.. £ ergo FGq -
CDgq.. Ergoquum FG it §, herit CDf. Por-
18, quia EF. FGki: EFq. EG (BD); o

- EF T FG, lerit EFy ‘T3 BD. verm EFg
m "1, CD . #ergo re@ang. BD ‘0. CDg.

«q (‘CE) dt vt & CD #> cerit Jadtudo

quumigitur CDq. BD ¢;; CD, BC. perit CD
‘- BC. ergo, &‘E ' o

PkoP XXIV.
- © Medie , ’?

- commpenfuvabilis
A B, mediaeft.
B Ad CD ¢
—— s fac reQang
1 PR CE=Aq;s&
3 D, E re@ang. CF=
Bj. Quoniam

C

DE.

il D
P

T

x i
t
fi
n
[

ttnt

gy c————————

S

]
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{‘ 4 DE j T CD. Quoniam vero CE.CFd:: a4,
e ED. DF & CE ¢ T CF, ferit ED. DF, ?3,’ 10,
M gergo DF eff 5 Q-CD. €1go reftang. CF guyary,
Ail[;;!;\‘ (Bq eft [ITR &promdeBeﬂy. Q. E D. ;.0.
i

3 : L TART A
a . Nota quod fenum plerumzue valer potena .
[f“;‘ tia tantum commenfurabile, u 8 hac demonflyasio..
o r

ne, ©in prezed. or¢. quod intellige,

At exy fu evit,
& juxta citatioge:, :

dhaf - " Coroll. _

%’r Hine liguet fpatium medio fpatio commenfi.
i:(»"’ rabile medium efe, o ‘

{}c{” ‘ v LEMM.,g-

I .

g A Duas’ yeRtqs medias A, .
§o B—— . B longisudine commenfure.”
b Crr. .. biles 5 itemy duas A, C po-
sentia tantum commenfusabiles invenire. .
“Sit A x quaevis;fume B TLA & C g, 4, temarre,
dFaftum ege lique. . T T g

b 2 lom 10,
10 *xiny

Cavh . B
v g Covet
R > 2mod fub-pc, CB me. &1¢ 1o,

- diis longitudine Commenfura. -
bilibus reis finess CONtineruy |

. - Mlangulum DB, medinm
i - :

7 ‘ A Super D C conftraatur

;‘,g B C X ‘quadratum DA. Quoniam a v,

i AC. (DC) CB« ::DA. DB. & DC 33 Cop b
)+ berit DA DB, s¢rgo DB ot ur. QE.D. %™ ’



EVCLIDIS Elementorum
Prop XXVI ~
E }F’ 1 L

- .
A ¢ HKI
Quod fub mediis potentia samiums commenfere
bitibus veétis lineis A B, BC continetur velfangs-
ium AC, vel rationale afty vel-medinm,
Super reftas AB, BC« defcribe quadrata AD)

- CE. atque 3d FG §, b fac teftangila FH= |

6 AD,b & IK==AC, ¢ b & LM—CE.
. Quadrata AD, CE, hoceft, retangula PH,
LM c{unc ws & XL ; erpmeandem habentes

F ratiopem GHL KM fune 4§, & « . fepo

"GB«KM eft {y.atqui quia AD, AC, CE
hoc eft FH, IK, LM ¢ funt =4 & & proinde

s. GH, HK, KM etiama3,& brit HKq—=GHs
KM; tergo HK eft § ,vel 10, vel‘?.
(6FJ3 & hm ergo retany. IK ¥l
oft fp. Sin "0} mergo AC effur. Q_r J

. LEMMA. |

= v;ﬁ:’ LA Y

2 B tantam;

sr‘wﬂim,Ai,zg,A‘ #‘a?Aq_ Eqe T |
—t

E’ﬂ’;tﬁtl”da; q:Eq; v > A —E ‘0
AE, &2 AE. Nam A. Igb::!gq. Igﬁb ‘1 AE.
Ej.ergocum A «“T). E: derit Aq‘TL AE;¢&
2 .ZE item Eq 4T A Ese & 3 AE. ¢quare cum
Aq+By 0. Aq & Eq; & Aq—Eq 'I;.Aq;i &
. i q»

1H
D




9
Eq, ferune Ag-i-Eq,f&»Aq—. EQ"IL AE, & fig10,
'2‘ AE~ B

Hinc

2 AFs'y

£& Aq

T

. Liber X. 20

Eruntsertio, Aq, Eq, Aq—+Eq,Aq~ Eg,
Aq+Eq-+ A B;& Aq-q-iq... 2AE. 1416, &
~+Eq4+2 AE L Aq+Eq— AE. 17 1o,

5(Q.AE)

o . Y~ C 13.10,
' ey FH 1 te' EER, 7"
itaque i KG, 4id ef DB, unt ¢
HK; £ quare HG T-FHyge,

fed F H

eratvFG e

D - R T Ratimgle o

b ror.3.20,
Proop XXVIL -
Cc B Medium AR inen

S , Py at wedinm AC
N 4 ;mﬁna. o
kP

AdEF 5 sfe
EG=ABs& EH
.= AC. Reflap-
guhAB :A.Co:hﬂc .
e EG, EH ) fung b 3.
ke, cergo FG 5 &

X

‘=eor, 6.8,

feeeric HG 13 d3.axq, _

. Hetergo FGq g Hq, #3.1o |
el beigo FG ¢’ verum priug g 132 1o,
Q= fepugnape. .

hfeb, 12,20,
SCcm 0 f,

; AE fiiergs
Yationgfe AT vationgls CE, -

mAE.g oAD',

o X D '3 I
i berog AE oL CE. te b cora6.10
L vB C 4 £ qual

£elpy. QE, D, oianp0 |
i Rationale AD cum rin :
'iﬂu’x CF fﬂm rﬂf‘l .

AF, £ retionale
NamADumm c§;
CEm B R T AD, & ke
cs: cPl'O\inth‘F C&‘g"'. cfeb1zve
QED. ., ,

o PRrRor,



7.31. 10,
3.6,

1. 6.
110,
nft

b 10

} 10,

7. 6.

. (2. 10,

7

210 EVCLIDIS Elementorum

Pror XXVIIL

Medias invenire (C, ¢» D) quert
" tionale CIY contineant.

-eSame A, & B 5 TJ. b facAL:
4y C. B. ¢ atque A.B i C.D. M0
' falam. Nam A B (Cq) deftpi
| dunde Ceft 4. quum vero A.Bet
C. D, ferit CTLD. gergo Delp
C B Dporro permutando A. C:: B.D.cb
_eft C.B::B.D. hergoBg=CD.

arqui Bjeelt fy. bergo CDeftjy. Q EF
Ja numeris fit A; 4/ 21 & B,4/ 6. crgo Cet

e ——— ———
— e mRe———
emmrm—ems

vy 12.fac 4/ 2.4/ 6:: uy/ 12.Doveluy/ 4.0y

363 vy/ 12.D.erit D, v4/ 108..atqui vy/ 1218
vy/ 108 =uy/ 1296=4¢/36=6.ergo CD ¢l 6.

- item C. D 2 1.4/ 3. quare C G- D.

Prop XXIX

-

- Medias invenive patentic tastum

- commenfurabrles Dyor E, que medi-

’ , 1 um DE comtineant, : D

# Sume A,B,C§ T FacA.
;o b::D.B. c'& B.é:?b.ﬁ. Dieo
: fatum. .

1.4 Nam AB4:Dq&ABeéﬂy!5

: eigo D elt gz & BF - C. gerg?

AD B-C EDg E. & crgoE_g)lt—#. porro)

B.CFf:: D.E 3 & permutando B.D it C.E

ghocelt D.A::C.E.fergo DE=AC. Sed
ACmeft yy.ctgo DEeftur. Q.E. D.

. In numeris.(t A,20;& B4/ 200;& T/ $o:

Ergo D eft 44/ 80000 ; & Ewy/ 12800. Er:

go DE==¢/4/ 1024000000==4/3 3000. & DE .

4/ 10. 3. quare D . E. -

' Schal.

e s

£

&=

=
=2

-
==
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l Liber X.

£
SCHOL.
. , .
A6 C,1a.  Inyenive duos numeros pla-
By# 158 505 fimiles vel difsimiles. '

B

v

24 ~CD796.4 Sume ‘quofcunque quatu-

A Or numetos proportionales,
6. Gys. AB:C.D.liquet AB, &
24 D,8. . CD effe fimiles planos,Pla
Bs24. €D,40. - nos autem diffimiles quot-
: : cun%ue repeties ope fcholii

>'w>

27.

, FC» B

-X. Duos numeros quadratos (DEq & CDq)
invenire 5 ita ut compofteus ex'ipfis (CEq) quadra-
tus etiam fit. -

Sume AD, DB numeros planos fimiles (quo-
rum ambo pares fint ; vel ambo impares) ngmi-
rum AD, 24. & DB, 6. Horum fumma, (AB)
et 30 3 differentia (F D) 18 , cujus femiffis,

(CD) eftg. s Habent vero plani fimiles AD,"
DB unum medium pumerum proportionalem,, -
- nempe D E. patet igicur fingulos numeros CE,

21r

18.8. ¢

CD, DE rationales effe ; proinde CEq (6 CDq bir- v

-+ DEq) eft nunierus quadratus requifitus.
Facileitaque invenientur duo numeri quadra-
ti, quorum exceffus fit quadratus , vel non qua-
dratus numerns. nempe ex eadem conftruétione,
eerit CEq CDq==DEq. i .
Quodfi AD, D B fint numeri plani diffimi-
Q3 desy
! L 4

e amte

el SR e A



EVCLIDEIS Elementorum

fes , non eric media proportionalis (DE)nu-
merus rationalis ; proinde quadratorum CEg
CDq excellus (DEq) non eric numerus quar
dratis. : ‘ :

REMMA 3,

2. Buos niumeros quadrases B, C inyenire, 6
ut-compofiaus ex ipfis D 5 new fir quadratns. irms
quadratum: numerum. A dividere i duos nomers
B; C men ,ﬂdh‘m ’

A 3. B,g. C, 36 D45,
7. Sume numerum quemlibet quadratum B,
fitque C=4B; & D=B=-C. Dico fallum.
Nam Beflt Q, ex conftr. item quiaB.C:

1. 4:: Q. Q. g erit € etiam quadratus.Sed quo--

piam B —+ C.(D) C:: 5.4 :: non Q Qbnon
etit D numerus quadracus. Q. E. F.

L8336 B,24. G12. D, 3. Eo 2 B

“ 2, 8it A numerus quivis quadratvs. Accipe
D, B, ¥ numeros planos diffimiles , fitque
D==E-+F. fac D, E :: A:B. &D.Fz:AC
Dico fadtum. ‘

" Nam quia D.E%+F ::A.B+C.& D=E-+F
serit A=—B— C. Jam dic B qusdratum effe
berga A & B, &ocproinde D & E, funt nt-

-mert plani fimiles , contra Hypoth. idem 3b-
furdiym fequetur , fi € dicatur quadratus. ergo

&c. :

T

Pror




7

outls
datons:

A : B plus pofsi , quam- mingy

. : Bumerss 2 Llm. 19
uaderros , ita ut CD— CE (ED) fitaen Q. 1.
#Fiatque CD. ED 3 ABq.
fuper A B diamettum defcripto captetur A
ducaturque BF. Sunt AB, AF, quas petis,
- Nam ABq. A¥qd:: CD.ED. ¢ereq AB 3
T -AFq. verum AB eft p.fergo AF et p". fad gl

Liter x, o 213 '
Pror xxX. ,
N - Invenire duay yation 1
F nales AB 3y AF- poien. . i
ta santum commenfurq- o
A biles , ita ut major A B

) AT, quadratoreite lineg ‘

C.EwuD B F longitudine fibi com-” ‘
menfurabilis,

Exponatur AB, »°. s Sume CD,CE 4

AF4. 1a cireyle ‘.’ ol-.lnu.lo.
F 3 C I.‘.

s6. 10,

uia €D ft Q:at ED unon Q:gerit AR T ffebarire,
}\F.porro » obang, b reftum AFB, ot aBq 85 >

hit.p.

k= AFq ~ BFq ; cum igitur ABq. HFq b
CD. ED. per converfionerh tationis erig ABq, !9t
BFq::CD.CE:Q.( Jergo AB 1L BF.QJ@\F,

Inaumeris ; fir AK, §; €D, 9, CE, y; quare -

ED,s. Facg.5 11 36, (Q: 6) AFq. &rit AF
m.;ﬂ-oinde AF ¢/ 20, ergo BFq *:q35 bapoy 1
16. quare BF eft 4, : .

———
-

PrRor XXXIL.
Invenire duas - pq.
 tiomalts AR , AF py.
sentic  tamtiim  com-
menfurabiles | itq yt
major A B plus pofsit,
o quam minoy A’F‘, qun-
c : . drato vefbe linde BF
e Bl D [ibi longitudine incom- -
menfurabilis,

Exponatur AB, ¢°. accipe numeros CE,ED s1lomag-
adratos, ita ut €D == CE -+ ED fit nos Q.
in reliquis imitare conftrutionem przceden-
tis. Dico fatum. O3 Nom ,



- EVCLIDIS Elementorum

Nam,ut ibi, AB, AF funtj .. item Ay
BFq: CD. ED. ergo cum CD) fit nos Q
p erunt AB, BF“TL. Q.E.F.

In pumeris , it AB, 5. C D, 45. CE=15;
EP—y9. Fac 45.9 v 25 (ABq.)s (AFq)

etgo AR =4/ 5. proinde BF == 4¢ ~ 2=

20. quare BF — 4/ 20.

. Pxopr XXXIL
A

-——— " Inyenire duds medits
B——= ~ G, D potentia tantim
C . cammenfurabiles 5 gu
D= — rationale CD contine:

ant > itaut major C plus pofsit , quam minor D
zs‘adra:a refte linee fibi lomgitudine commenfird-
ilis. : ‘

aAeciyeA,&hﬁ jitaut 4/AquBg 3
A. b Fiarque A. C .-g(;- B, ¢ atququ.B::(,’~
_D. Dico fa@tum. ‘

Namquia A , & 4B fuat § -g_,b, erit C((q/

AB) . itemgideo CT} D. bergo D etsm.

p-porro quia A.Bd:: C.D; & permutatim A
C::B.D' +C.B; & Bq delt v , erit CD
k (B1) fp- Denique quia 4/ Aq— Bq 41>
Aslerit4/ Cy— DqTI C. ergo; &c. Siny/
Aq~ Bq'D: Aqserit4/ Cq— D3 T-C.
Innumeris, it A, 8 ; B,_j48 (\/ 64~ 16)
ergo C=4/ AB=y/ 3072.& D ="uy/ 172}
quare CD == ,¢/ 5308416 =4/ 2304 .

Pror XXXIIL

A Invenire duas medits
D e D, E potentia folum com
B~ wmenfurabiles, que medist
C oo DE contineant,its ut-ma-
E v jor D plus pofsit , quem

ninor E ; qiadrate velba linee fibi longitudine com-
wenfurabilis,
' Sume




v o W e

_*erga ABx EF,? vel AF x‘l‘g,eﬁ ur. Q.E-D-
. 4

R Damaad nad
[

Liber X, ¥ 8

s Sume A& C 7y "Gjitaut o/ Aq = CqT1 23010
A.b fume etiam B’ ‘}a, &C& beane Sene
D.Ba:: C.E. Erum D, & E queiicae. du.6.

Nam quoniam A, & Cefunc ¢, ¢ & B~ :ﬁﬂf‘o
A &C,ferit B, & D {4/ AB) geritl,. g2 10,
«Quiavero A, D :; C. E. erit permurando A. 'Z::::'
C::D. E. ergo cum A'I} C, huitD Q- E. .
rergo Belt . porro; 1 quiaD.B :: C.BY ! & 1 arv0. >
BC elt py, ctiam DE ¢i mzquale et up.  deniq; ',"‘,‘f ,‘o‘
propter A.C ::D. E.equia 4/ Aqm Cq 0

"A,nerity/ Dq ~ EqTL D. ergo, &e. ém\/

-Aq~Cq T A, erit 4/ Dg— Eq 'T- Eq.
[n aumerss, fit A, 85 C, 4/ 483 B, 4/ 28. erit

Doy 3072; & Evy/ 588.quare D. E 1; 2.4/ 3.
&DE::A/’!;“.‘/s i V'S‘

‘Pror XXXIV.

. Invenire duas re-
D &as lineas AF, BF®

potentia.  incommen-

. furabiles 5 que faci-
G ani compofitum qui-

e 3 Bdem ex ipfarum qua-

. dratis rationale , re-

Gangulumvero fubipfis wntcn:um,medit:;z. .

s Reperiantur AB,CD p° sitaut 4/ ABq—
CDq ‘T3 AB.b bifeca C'DGE_G ¢ fac rc&:?ng. oo b
AEB=GCq. Super AB digmetrum duc fe- 344
micirculum A F B. erige perpendicularem E F. ecor8.6 &
duc AF, BF. He funt quz indagandz erant. = {1 &

Nam AE, BE 4::BA x AE.ABXBE,-Sed

- BA X AE ¢ == AFq;e & AB x BE==FBj.pergo £9-10-
AEEB:: AFq. FBy. ergo cum AE g'T- kjes &

EB, serit AFq ‘Tl FBq. Quinetiam ABq ¢7.1 .

(*AFq—+ FB3) ! eft p's. denique EFq! = muaxs.

AEBI= CGq.m ergo EF = CG. ergo CD X 43435

AB= 2EFx AB. atqui CD x AR elt @ 4 s
Ex-

-




6

- fit ¢"y satque ¢/ ABg ~

EVCLIDIS Elementorum
: Explicatio per numseros.
' Sit AB, 6. CD 4 4/ r3.quare CG=y/ n=
+ 3. Eltvero AE=—=3 -4/ 6. &EB—=3~
4/ 6. & uade AF erit o/: 18 — 216,E(FB,¢/:
8 —~ 4/ 216. item AFq—+ EBq eft 36, & A ¢
FB == 4/ 108. ,
" Caeram A Eiovenitur fic. QuiaB A (6)
AF:AF AEB; etit6 AE—AFqg=AIEq
S -3 gEfq.)ergotﬁAE ~ ARBq == 3.pose3 +
e=—=AE.etgo 184 6e= g 6c — e,
" et g - ee==3. vel e == g, qume::/ﬂ
proinde AE = 3+ 4/ 6.

P Ror XXXV

> b B

Ymvenire dnas refbas lineas AE , E B potentic in-

commenrfurabiles,qne facians compofiran quidem ¢

- ipfarums quadratis medinm 5 vefbanguinm vero fub
' conientam, rativnale. o

s Sume AB , & CF(:(‘;. » itaut AB xCF

_ q°T3- AB. & reli

qua fiant, at in ptzcedenti. erunt AB, EB, quas

etis. .
ks Nai, at ifthic oftenfum eft, AEq ‘T EBg:

item A B% (ABq <+ EBQq) eft py. ‘& denique .

AB 3 CE befty's, ideifco & AB x DE, #bot
14 ety AB X EB,eft . ergh; .t.

PlO'» v




Liber X. 119

PRor XXXVL

Tmvenive du-
as reflas line-
l‘ . aaBA,AC
potemm incom-
menfurabiles.
que faciams ¢
D < compo{‘ tum ex
ipfarsm  qua-
dmxs mcdzum > @ veflanguinm [ib ipfis nmprc-
benfusy medinm, incommen arahlqne tompoﬁro ex
ipfarum quadrasis. .
# Acpe BC & EF y T ita urBC.3 EF fic ' §p00.
pv- & 4/ Bog~ EFq ‘T3 BC. & reliqua fiane
utin pncedonnbus Erant B A; A C exoptata.
Nam, ut prius, B Aq*T1- ACq;item BAq ~-
ACqehk ur. & BA XACeft ur. Denique BC
b - EFatque ¢ ideo BC T EG ; eltque BC. bronp.
EG4:BCq.BCxBG,(BCxAD, velBA bR 1o,

3
SAC) ¢ e1goBCq (AB —\-ACq)"q.. '
BARAC. ct%o,&cq( i o

Schel.

 Imvenire (lurx: medias longnudme & potentia in-
commenfurabiles .

aSumeBC g. fitque BAXAC py, & "a- 6. 10,
BCq. (BAq ~+ ACq. ) b Fac BA. Hub. 36
AC. SumBC, &H p .. NamBC"“l‘L "
‘&BA X AC (c Hq) eﬁ ui. quare Hoeft m’:‘ €.




EVCLIDIS Elementorum

(o ditemB AsACTLB Cq; ergo Hg'm
BCq. ergo, &c.

Principium fenaviorum per compofitionem.

PRrRor XXXVIL

. "8 due ratiomales
A BL CAB , BC potentis -
tantum commenfares

"biles companantur , tota AC irrationalis eft ; vost-
eur aitens ex binis nominibas.
o. NamquiaAB «“TL.BC, serit ACq T

o ABy. Scd ABscltp”.cergo ACeit¢". Q ED.

"PrRop XXXVIIL
‘ -8 due medie AB,
' i BC  potentia tantunt
A B C commenfurabites compo-
nantur,que vationale contineant,tota AC irratine
lis eft; vocetur autemex binis modiis prima. -
o Namquoniam ABs T3 BC, perit ACq“d-
-1 ABRBC, p. cergo ACeftp’. Q.E.D.
LEMMA,
B 1@ owod fub linee
c yationali AB, &
irrationali BC
: continetuy  Te-
Al : : o angulsm AC,

= ivvasonale ff.
- Nam fi reftang. A Cdicatur p’y ; quum AB
Gt p°; b erit latitudo B Cetiam p'. contra Hyp-

" PROM




" Liber X. ' 219 \

# Pror XXXIX.

. . Si dne medie
s A B € AB, BC poten-
" D B tia tantum. com-
1 . © | menfuvabiles com-

 ponantsy 5  que

medium  contine-

ant, sora ACir- .

rationalis  etit ; y

-G I vocerur dusem e -
binismediis fecun-

¥ Ad exPOEtam DE P‘ sfac re&ang- D F==1r166
ACqi b& DG = AB1—+BCy. E‘q'gl.&
| Quoniam ABy < TLBCq , derit ABq— oinp.
1 BCq hoceft DG T ABg; {ed ABjocfiur. ::64&.
g eergo DGeftu . verum reftang. A 3 Cyponi- !.:-‘. X
", turuy; eideoque 2 ABC (FHF) et v ger- 210,
vn"‘_w go EG, & GF funt ¢". quia vero DG b1 HF; 3 'm; 10,
;‘ atqueDG. HFu¢EG. GF [erit EG 'O Lo 0.
%% GE. mergotota EF eft ¢, 5 quare re@tang DF pimmss.

03 o 3 S nlom.38 10,
'y eltp's. sergoy/ DF, ideft AC, cltp’. QE.D. o shifito.
: Proer XL .
v o Si due reBe lince

;i v A B, BC potentia
A B C rencum commenfurabiles -

£ componantuy 5 que faciant comprfitums quidem ex

“ipfarnm quadratis vationale, quod auzem fub ipfis

i contineturgnedinms; sota reftalinea AC, ivrationa-

; -lis erit : vocetur ausem major. - -
¢ - Namquia AB3—+BCq e eftp'y, & 602 b8l 00
¢ ABCew, &proinde AGy(d APy 3C (2 Galaaty
’ 2 ABC) e ABy ~+ BCqev, f erit AC - dqs

I3

R .V“ rko?‘
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EVPCLIDIS Elementorum

Propr XLL

- S e vt
A D e A C,CB g
- Q . tentia incommen-

wrabiles componantur , que faciant compofitum
‘gu'leuex ipfaram ’uadr?uis medixm » qu};d i
tem [ub ip(is continesur, rationale 3 totavedslines
AB frrationalis erit 1 wvocetur autem rationale st
wmediam potens. .

. Namareftang. ACB,a ¢'yb T ACq+
0. CByegy. 4 ergo 2 ACB 4 "0 ABg. quate
eABel 9‘. Q.E. D )

o : oo
Prew XLIIL

,! D r

G H K

A

Si dva el linee GH, HK potentia incommtn-
Jurabiles companantur , que faciant & compofitvn
ex ipfarum quadratis medium, ¢ quod fub ipfis con-
tinesnr medium ; incommen[urabileque compofito ¢

- quadrasisipfarwm; tora veka linea GK irvasionalis
erit 1 voceeny autem bina media posens, T
Ad expolitam FB ¢, fiant rectang. A¥=GK¢
& CF == GHq + HKq. Quoniam GH% -+
HKq (CF) = elt uv; latitudo CB ; erit p°, ltem
quia areftang. GHE (- AD) seft yy , oftam
ACherite’. Porro quiareftang. AD s Q- CF,
datque AD. CF :: AC. CB,cerit AC'T- CB.
FQuare ABeftg g'._ ergo refang. AF, idett,
GKgelp'y. b proinde GK et o', Q_l;lk%. ’
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Prop XLIIL '

L

us ex binis vominibus A, B, ad unnw dantexar
pun@um D dividisur in nomina AD,DB.

* §i fieri poteft > binomium A B alibiin E fece-
turin alianomina AE; EB. Liquet A Bfecar
utrobique inzqualiter, quia AD T3 DB, &
AE'TL EB. S :

Quoniam re@angula ADB , AEB sfuntye s
'@ & {ingula ADq, DBq, AEq, EBq funt ¢“azha- ¢ o
ADq-+ DBq, b & AEq—+ EBqetiam = .
&, & iddrco ADq ~4-DBq~: AEq—+ EBq.
chocefl, 3 AEB— 2 ADBelt p'y. 4 ergo AEB chiby.a

. = ADB p'r.ergo iy fuperat uy per p'9.cQ.B.A. dfb. 10

P or XLIV. i

A T bbb :

R8¢ ex binés mediis prima A Byad snum dunta-
%at puntum D dividitur innaming AD, DB.

Puta ABdividiinalia nomina AE, EB.quo o .
pofiso, fingyla ADq DBgy EBqye funt pas; & whiag.ie
reffangula ADB, AEB, corumqua dupla, fune (55
p's bergo2ABB— 3 ADBschocelt Aliq
~+ DBq—: Aliq~—+ BBq el gy 4 %3’



EVCLIDIS Elementorum
Prop XLV.

- D_.C_ ~wy.  Que ex binis e
E A— S 4 B diis fecunde AB>
aE 1 ad wwum duntéxat
1 Vb .| punitum C divi
4 . ditur in momind
: AC, CB.
F : Dic alia efle no-
a ¥XH ¢ mina AD,DB
Ad expofitam Ef ¢, fu. yeftang. EG=AR.
&EH=ACq =+ CBj ; item EK = Alq
-i-(lqu,. S
uoniam ACgq, CBqs funt ue -3 berit
A C'q ~+ CBq( EqH) ll-;-] ¢ ergoufatimdo FH
efl »”. & quin & re@®ang. ACB.d idéoque2 ACB
¢ (IG) eit up: cergo HG , " eft etiam ¢’ Cum

igitur EH f ‘1. 1G , g atque EH.IG = FH..

HG; b erunt FH, HG 0. kergo FG eft biso-
mium ; cujus iomina FH, HG. Similiargw
mento FG-eft bin.cujus nomina FK, KGycontr3
43. hujus. : :

PR O P XLVI

\ ¢ © EDPB

- Major AB ad unum duntasat punébum D dividi-
rin nomina AD, DB. T

Concipe alia nomina AE, EB. quo pofito're-
wgula ADB, ABBoua; & tam ADg+
3¢,quam AEq—+EBqfunt p @. bergo ADg
DBg~: AEq <+ EBq, ‘choc eft > 2 AEB~

\pBety’s A QEN . .
RIS . .PROP ‘

B

m o1 e~ L
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Liber X. 223
PrRor XLVIL '

. Rationale ac

' A F" E .D Bmedium potens

AB,; adnum

duntaxat punttum D dividitar innomina AD, DB,
;

Dic alia nomina AE, EB. aergo tam AEq ;g1 10,
~+ EB3, quan'ADq ~ DBy {unt phe. & & re-
fangula AEB, ADR, funtp'e. bergoz AEB bphayare.
— 2 ADB, choc efty ADq~+ DBq—:AEq~ §H53.
EBjeft o7. Q.E.A. 710

PrRopr XLVIIL
D¢C " Bine media po-
. 1 - ;
A— L. B tens A B, ad unum
’ duntaxat  punium
C dividitur “in no-
ming AC,CB.
. Vis AB dividi in
F ' alianomina AD,
KH G DB Ad expofi-

“tam EF »°, fiant reftang. EG—AB}, & EH—

ACq—+ CBg, & EK—ADq- DBq. Quo- -

niam ACq -+ CBq, wempe EH, a et uy , b erit aquve,
latitudo FH y°. Itemquia 2 ACB > ¢ hoc eft, 033,
1G; et a uy, b erit HG etiam p°. Ergo cum EH 456

¢ TLIG, fitque EH. 1G4 2 FH. HG, cerit {510
FH'TL. HG. fergo FGeft bin. cujus nomina

. FH.HG. Eodem modo cjufdem nomina eruac

¥K, KG; contra 43 hujus.
Definitiones fecande.

F Xpofita, rationali ; & qu= ex binis nomint-
us ; divifa in pomina ; cujus majus nomen
plus poffic quam minus,quadrato rect linez i1~
“biloagitudine commenfurabilis ; R
L Siquidemn majus pomen expofite ratxo::.l

c .



v

22 EVCLIDIS Elementoram

cemmenfurabile it longitudine, vocetur totaet
binis nominibus prima. c
I1. Sivero minus nomen expofit ratiord
longitudiae fit commenfurabile;vocetur ex bia
nomisibus fecunda. .
111 Quedfi neutrunwfqrum nomiuumﬁ}
 longitudine commenfurabile expofite rationd
vocetur ex binis nominibus tertia.
Rurfus 5 fi majus nomen plus poflit quo
miaus ; quadrato reflx linez fibi lengitr
dine incommenfurabifis ; .
‘TV. §iquidem majus nomen expolitz raie
nali commenfurgbile it loogimding, vocerur s
binis nominibus quarta.
" 7. Sivero minus nowen p vacetur quiata.
V1. Quod fi neutrum jpforum pominum

_vocctur.fexta.
P
/ Pror XLIX
A..4Cuu5B " dnoenie e b
) - nis mominibis pre
E e G - mam, EG.
P R s Sume AB/AC
:,.4:.?;:,, H — " numeros quld’;'
- - - tos;quorum exceTus CB mon (Q.exponatut Fi
1 y q excefius f X3P "
o;, o baccxpeqnamvisgf‘u_D, cfac AB. C!B -

EFq. FGq. erit EG bin.1. .
8'7‘7;;“,‘ Nam EF 4L D. e ergo EF /. f](’dﬂ
1o, EFqTLEFGq. gergo FG eft etiam £ X0
g.il.;x.w 4quia EFq. FGq :: AB.CB 4 Q. ﬂon@'cm
- 10 . EF "L':L F G. denigue quia per converljonem
ranpnés EFq. EFg—FGgq :AB. AC: Q%l'—

.v0. ket EF TL o/ EFgq_ .FGg. ¢ EG

Af% in. QEQ/ Fg—.FGq. dergo ’

Explicatio per nkmem.

5uDS.EF 6. AB.9. CB, §. quare um
. : . 9. s,

-

R T e |

L e e

. e




" QuenQfetDETL Fi) F. poire » quid Befyg ‘o

_ Liber X. - 3z
9:§ 22 36: 20. erit ¥G, 4/ 20. proinde EG &ft &
44/ 20} , ' :

' PRSP L -

A.i4Cu.s B Inpenire ex binis. nomi-
D———— . nibys fecundam, EG, . .
E__~———-G  Acipe AB, & AC
. F numeros quadratos; quo-
H p G : mm;etcé}us CB [it non
. Sit D expofita ¢. fume FG "EL. D. Fac CB.
& 4 FGq. EFq. Etit EG quéfita. _ ::::J:nﬂ
~ NamFG O-D,quare FG eftp". item EFq .
"Ik FGq. ergo EF eft etiam §. item quia FGq:
EFq:: CB: AB::non Q. Q. eft FG ‘1. EF.
deaique quia CB. AB :: FGq: EFq, inverfeque
'AB.CB:: EFq. FGq, erit ut in precedenti, -
EF " ¢/ EFq—~ FGq. st quibus EG et bin. ,, 408
' %

t. QE.F.
" In numeris, it D, 83 FG 10; AB, 9; CB, 5. -
erit EF,4/ 130.quare EG eft 10 —+ 180,

ProP LL
‘AuiaC . gB Invenire éx binis
"L 6 nominibus tertia, DF.
G- ceis © g Sume DUMETOS 3 fib,29, 19:
D—— ~=-F  AB, ACgquadratos,
E quioruth eic'eﬁfds‘ GB -
Hoe——— . non Q_Sitq;L nume-
. QCB', nempe us

fus non Qf,;proirimé major quam
vitate, vel binario. fit G expofita j. b Fac L. AB

s ,?;‘ DEq. & AB. €B :: DEq. EFq. erit DF b s 16
. Namquia DEq¢ T Gq,de@ DE j._item f:""‘
Gq:DEq::L. AB::non Q. Q. eergo G " agsumro:
DE: itém quia DEqe R EFq , 4 ctiam EF«6.10.
et ¢". quinetiam quia DEq. EFq:: AB.CB:: “

QI ftrs



EVCLIDIS Elementorum
conftr: & ex zquali Gq. EFy:: L.CB :: pon Q
Q.(nam g L, & CBnon funt fimiles ploci ow-
meii) b erit G etiam "TL EF. denique ut In

praced. 4/ DEg- EF, DE. DF el
bin.3. Q.E. Fc! s Aego

- Innwmeris , (it AB, 95 CB, §; L, 6; G, 8. erit

DE 4/.95 &EF; 4/ 43.quate DF =/ 96
e/ 42 A A :

© Pmoe LIL -
A.i3C.... 6B " . Inyemive ax binis nowini-
G B bu: Wrtqm,DE.
b———-— ——F,  sSume quemvis qume
~ .- B romguadegiam AB squem

i . B guac ’g

H - divide in 4 C, CBpon

qutadratos. fit Gexpolita ¢, bacripeDE T
G. ¢Fac AB. CB 2 DEq.EFq. eric.DF bip-4,
© "Namut in 49 hg:u;‘ b DF (}_qudc(ut .bu;.
* itena gnia pas cobfls. & converfionem Fationis
‘DEq. DBq— EFq:: AB. AC 1, Q a0 Qu
derit DE ‘1 4/ DEq~ EFq. ¢ ergo DF ek
bin.g. QE.F: . -« i ‘
.. fn numeris {3t G, 85 DE, §. erit BF V 4.
“qgoﬂfbﬁ6+fz4- T

Prore LI 1§ S
‘A..'3C.nn 6B Inenireex binis nowi-
G e ' nibus quintam, D F.

De——r——TF . Accipe quemvis ot
' E merum quadratwn AB,

HE. .. cujus fegmeuta AC,
*CB fint non Q. Tit G expofica ¢”. fume EI “B-
G. fac CB. AB:: EFq. DEq. esit DF bins.

_Namut in 50. bujus , erte. DF bin. & qsia
per confir. ‘& . inveptendo D Eq. E'Fy oz AB.
B ideogueper converbonem rarionis DEq.
BEg — Efgi AB._ AC: Q. 3op Q. i




FEr B

o

DE'L 4/ D s . 17
Eq ~ EFq. & ergo D e['t bin,

4. Q.E. F. * ' P
In numeris,fit G,7; E Fsé. erit DE +/s4.quare

- DF eﬁ ¢ “l"/ 54
. A P R0 g i.IV. LT

: A, PN 5.C eeres .B }i Itruemrc (73 Iwu: n!mm-
' L areeme 9 C ﬂ'bmffxtl("h

G EA— P AcipeAC, Clipu- :
<D ---—-¥-4~—— T mosnumeros uretmque, -
7 UE . _ficyt AC~+CB (AB)
. H fir don Q. funté etiam

_ quemmL num Qit G-expof. p—efigryue L. 23lom.10

AB.::Gq.DEg. atqueAB CB:: DEq; EFge e- 9.

- fit DF. bin.6.

.Nam ucin gr. hu]us s IDF oﬁendctur bia.

B item quod DE-, & EE "u..G. deaique igitur

quia per conftr., & converfidBem rationis DEq.

DEq—EFq:: AB. AC1:non Q.Q. { 1
~ AB primus et ad AC '3deogue el dﬂﬁuﬁr)' bfis, 178. ,

cergo D B "D— v/ DEq~EFg. 4ergo DF et 32,,“.‘
bin.6..Q.E. F

" Inmpmerisyfit Gy 6 DE 4/ 48, exit EF y tt
quareDF eft / 43 —I-‘/ 8.

e

|
B - ‘e Lo .. . o i

3

P2 - LEMe
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. ax, 8.
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PEXN
7Y
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" EVCLIDIS Elementorsm
LEMMA.

Sit. AD refang

C gulwm > cxjus laws
Sl e . AGC fecetur ineque
- F| lierinkE 3 bifeBumane
L ' A | fr [egmemuns: misns

v | EC'in Fs aque dd

- RIpK T AGE= EFgs pergu
~—T—3 G, E,F bducantursd
1o "1 AB paralitle-GH,
‘ Ml - P E¥, FK. . Fidst autems

' T quadratsm LM =
. reltang: AH ,atguead
o .| omp prodnﬂtmNc f-
' at quadratum MN =
- 9:F qus rebeque LOS,

LQT, NRS, NPT producantsr.

" Dico 1. MS 5 MT fnt reffangxla. Nam ob
quadratorum angulss OMQ, RMP' reflos,
s etit QMR realinea. § ergo angnliRMO,
QMP reti funt. quareppra MS; MT funtre
&angula. e e

2. Hinc patet LS e=LT ; & proinde LN ¢t
quadyatnm.

3. Reftanguia SM, MT, EK, FD equalic
funt. Nam quia re®ang. AGE 4 = EFy, «erit
AE. EF :: EF. GE, fideoque AH. EK :: EK.
Gl hoc Leﬁ pe;/l conftr. LM. EK .. EK. MN.

verum . SM :+ SM. MN. er —
ng_::FDl::MT. N. ergoEK 4

4. Hinc LN ?:AD.

§. Quia EC bifelta cftin F,

EC'&[I’C- ife ‘ f npaset EF, FC,
"5 SIARTQ- EC, & AEO. 4/ ARq~
ECj,oerunt AG, GE, AE"WL. jtem, quid

' : AG,

AE , o far redang.
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' Liber X. _ 229
AG. GE:: AH. GI, erunt AH s GI ; hoc eft pro.io.
LM, MN 11, itemiifdem pofitis,

7. OM T MP. Nam per Hyp. AE, “t}.
EC,1ergo EC'TI. GE. 4 quare EF “TL GE. g4 4o,
fedEF. GE;;EK, GI. rergoEK'TL GI, 10000
hocet SM'T- M N. atqui SM.M N:: OM.

MP.r ergo OM T MP.

8. Sin ponatur AE ‘T 4/ AEq—~ ECqs

f patet A G, GE,A Eefle ‘T1.. unde LM 'O ik
MN. nam AG. GE:: AH. Gl : LM.MN. ~ (%7
 His bene perfpetkis, facile fex fequentes Tropofi- ‘

tiones expediomns. : :

PrRor LV

Si fpatium AD contineatur fub rationali 5B,
© ex binis nominibus prima AC , (AB-— EC;)
reBe linea QY fpatinm potensivrationalis eft, que
ex binis nominibus appellatur.

Suppofitis iis, g(ua: inlemmate proxime pra-
cedenti defcripta, & demonftrata funt, liquet re-
&am OP pofle fpatium AD. sitem AG, GE,
"AE funt TL. ergo cum- AEb fitg" T AR,
cerunt AG, & GE ; ¢° "T)- AB. 'd.ergo ref}an- adyp.d Lo,
gula AH, GI, hoceft quadracaLM; MN funt o
be. ergo O M, M Pfunt ¢*¢ “G-. Fproindt O P ¢f¥is. 10,
etbin. Q.E. D. ¢t . die.so.

In numerisy fit AB, §;AC» ¢ —+ 4/ 13. "qixére«};;'_';ﬁ‘ ta.
reflang. AD == 20 -+ 4/ 3o0=quadr.LN.ergo

OPelt4/ 15 +4/5; nempebin,6, = -

P3 Prop.

|



230 EVCLIDIS Elementorum
e Pror LVIL
8 {Zmﬁum AD continegtar fub vationali AB,
& ex binis nominibxs fecunde AC (AE —+ EC;)
- refba lines OP fpasium AD potens;ivrationalis efl
et ex binis mediis prima appellatur,
Rurfus adhibito Jemmate ad g4. hujus , erit
* , OP=+/AD.item A B, AG,GE funt T-.
Hr S0, ergo quum AE b fit§, “T- AB, ¢ erint AG)GE
Pr- 10, SH12M $ ‘- AB. ergo reQangula AH, Gl
foh 1% ™ hoe et OMg, MPq 4 fant ua. e quinetiom
Lem.54.30- OM"E_ MP. denique EF T0.'EC, & EC
spanan, | B AB. g quare E Feft § T3 AB. g erpo
Vo™ "EK ; hoc eft SM, . yel O M Peft y. b Proinde
13810, OPeft2uprima. Q.E. D,
In numeris s GUAR, 55 & AC | 4/ 48: 46 et
gore&tang. AD == 4/ : 1200 ~ 301= OP¢.
ergo OP eft ve/ 675~+v4/ 753 nempe bimed. 1,

Vide Schem. 57.
_ProriviL
i . pe~g . Si fpatiom A D

A oidoy o COMEERCLRT [ub riS-
G| |B{F]| " nati AB, o ex binis

| nominibus. sertia AC
| | | (AE<EC;) e
. linna QP [parism

B b - A D posens 5 ireativ-
8§ - k R EN nalis fjl-, que ex binis
. . mediis_ fecunda dict-
o) - tur. 7

M} L Ut prius , OPq=
AD. item reflangu
laAH,GI, hocel

Li J OMP, MPq funt
yp. & 33, QT s a itemEK ,vel
: i e OMP elt ur. bergo
g ‘ OP eft bimed. 2. ;

- 0




—

Tibe X T T
In numeris, fit ABss; ACsv/32+4/34.quare
AD &t 4/800~+4/600=OPq. proinde OP elt
vy 450 ~+ vy/ 505 hoce&bxmed 2. .

Pronr LVIIL
8 [parium A i)

EN . continedtur Jub _yatio-

. A o . nali A B, ¢rexbinis

JIC»" ¥ e B ElF nominibus guarts AC .

g - L L + (AE—EC; ) retfa )
“Ii ] ' inee QP jjmmcm -

R - I tens), irrationalis €

H P\KM‘ quse'vocatur major.
” Nam itetum, ol
e ' OMq «'O. MPq."'"™541
o O1- Ml |P refang. vero Al,
o . hoceft OMq~+ MPq by
' ’ “ belk gy, citem EK, 20 0
Lo | vl OMY 11}“,635:"0

“ ) == ddrpo OP ( d40.10,
- ¢ T ﬂsmjor QE. D
© In numeriss fit AB §; & AC, 4 8,érg0 -
retang. AD eft 20 + 4/ 2q9. q\.are Ol cht j
( so+y 200.
! _ Pro ?. LIX

8i ]}»mum AD contineatur fub rationall A~B s ‘
© éx binis nominibus quinta AC ; reilalinee OP .. -
Jpatinns 8D pocens, irrationalis eﬂ 1408 rmm- S
le & medium potens appellatnr. T

Rurfus OMP ‘T MPy. refanp: véro AI, Sstin ,,,,
vet OMq —+ MPq cft py. ¢ itemy reflang. BK, . 4
vclOMPeﬁpv ber%)OP (,/An) et po-
tens o'y, & fr.
 Innumerts s GtAB, 55 &AC 2 ¢/8. bgo 3
reftang. AD== to-+y/ zoo"'*'Oanqunte
elh/ xo-r\/zoo ,

=
e

P4 -l‘lb? 47




£52

4%, 10

v.36.10.
"0

~ gltn,cerit DL LG,

" ACq, & GBq.

. N 1
EVCLIDIS Elementorum
i

LN
PrRopr LX icr!

- 8i fpatium A D contineatur fub rationali AB, fLJ

* @ ex binis nominibus fexta BC (AE~+EC) |

yelta linea OP fpatium AD porens , irpationdis | |

eft, que binamedia potens appellatur. Y

- Ut{zpe prius , OMq “T- MPq. & OMq=+ |

MPqeft uy. & re@ang. (EK) OMP etiamp- | &

¢ ergo OP—4/ AD eft potens 2 pe. QL D.

Innumeris , fit AB, §; AC, 4/ 12 —+¢/3;¢r

gore&ang. AD, vel OPq eft 4/ 300+ 4/ 200.
proinde OP et 4/: 4/ 300+ 4/ 200.

LEMMA. - i
it veds AB |

B -1 inequaliter feBlan  } o
D r Oc e AC | 1
: _ Ijcm majus feguentim; Iy
C o cuivis DE - 1 (1
plicentur reflangi- | |,
. . la, DF—ABg, & |
AlE BKN FDPH=AC; & ||
. 1K =CBq. fi-
gue LG bifedtain M , ducaturgue MN !mh'.
GF. ' ,
Dico 1. Rellang. ACB=LN, vIMF.
. ¢ Nam 2z ACB —=LF. {

2. DL ©°LG. nam DX (ACq < CBY t
pC— LF (2 AGB) ergo cum DK, LF lint 2que

3. SIAC'T3. CB) .4 erit re@ang. DK T -

4. Irem» DL'TL L G, nam ACq + CBi \
¢T3 2 ACB : hocet DK |1 LF. fed DK,
LF¢::DL.LG. fergoDL '3 LG.

5. Adbhac; DL Q. 4/ DLq~ LGq, Nam

i = ACg- ACBg::ACBE.CBg. hoc et D B

EN:

——



all
wR

o

sy

AmAC,CB afunt T}, beric retang. DK

Lbr X. . a3

" LN:LN. IK.  quare DI. LM # LM, IL.

bergo DI x 1L —= LMy, é&rgocum ACq & 0= :;',;"
C3q. hocet DHTL IK, & Zproinde D1 1L 110 10
1L, merit DL 0 4/ DLy~ LGq.Q E. D, ™%
6. Sinponatur ACq T CBq, #eris DL ‘1, #19. 19
Hoc lemma preparationis vicem fubeat pro 6, fe- 1
quentibus propofisionibus.

Pror LXI.

mgndratu»g.equ ue €% binis nominibas ( AC

- =+ CB )adrationalem D E applicatum,facit la-

titudiness DG ex-binis nominibus primam.
Suppofitis iis, quz in lemmare proxime ante-
cedenti defcripra & demonftrata funt, Quoni- -
s by .
T ACq; fergo DK et §». dergo DL T fir S ior
DE p*. re@tang. vero ACB, ideoque 2 ACB diss.10..
(LE) eeft . fergo latitudo LG eft p “TL .'4”'.:‘
DE.gergo 'etiam DLTL LG." ¥ item DL TL fa3.10.
+/ DLq—=LGgq. ex 3uibus k fequitur DG el-§3.'0

fe bin,1.Q. E. D. K 1, dof.
: . . 45 0.
Bror LXIL . N

Quadratum ejus , que ex binis mediis prime
(AC ~+ CB) ad rationalem DE applicatum,fa-
cit latisudinem DG ex binis nominibus fecundam.
" Rurfus adhibito lemmate proxime prace-
denti ; Reftang. DK T ACq. sergo DK eft 1 e
- bergo latitudo DK eft p*“TL DE. Quiave: 5, &
ro reftang, ACB, ideoque LF (2 ACB ) fib 1300

_celt p°yd erit LG § TL DE. ¢ ergo DL, 4%

LG fant ‘TL. S item DL ™. 5/ DL} = e13.10,
IGq.l; ex quibus patet DGedle bin. 2. Q :‘;':,;""'
ED. . S X 14

. PROP.
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Pror LXIIL
© gadratam ejus 5 quie ex binis mediis frcank

(AC—CB ) ad rationulem DE applicatsm, f¢ b
! cit Lavitndinem DG ex binis nominibag tertiam. ID

_ Utin prazced. DL eft § “T3- DE. porro qut
abp. & 24 reftang. ACB, ideoque LF (2 A€B) od
b0, ¥, berit LG j 0 DE. ¢quinetiam DL
:""“-“" LG. ¢itemque DL .4/ DLq=LGq é¢
et goDGeftbin. 3. Q.E.D.

P rRop LXIV.

Osadratsm  Majoris ( AC-+CB ) od rit

-+ nalemDE applicasum, facit latitudinem DG ex b-

 nis nomsinibus quariam. .

sbpp& s, Rurfus ACqQ—+ CBq, hoc eft DK s cltp -

w0 pergo DLeft p 3. DE. item ACB, |dg.:oque

:;;"'2 LE (2ACB) « eft uy. dergo LG efy &

340 DE. ¢ proinde etiam DL “TL LG.; denique

&i¥ie gquia AC'T- BC, feric DL ‘T Dlg -
{ lem6o.10; [ (Gq. g undtDG. et bin. 4. Q. E. D.

84 o&f
48 10,

Prop LXV. v

pradraznm ejus ; que vationale ac medinm po-
veft, (AC—~+CB) ad rationalem DE applice-
1w, facit latitndinem 1>G ex binis nominibkt
T N '

as3.10. - Iterum, DKeftuy. ¢ ergo DL et p* T
bssyso. DE. item LF eft o%. bergo LGelte H DE.
G low6010.¢ 180 DL “TL LG. ditem DL ‘1. 4/ DLy~

: i f{.' . LG{. eproinde DG et bin. 5.

.. PR opr LXVL
. L Qwadrasum ejns 5 que bina media poseft (AC

' =+ CB) #drationalem DE applicatiom, facitiati-

tudinem DG ex binis nominibus fexsam. o
s t




—“‘
b L L X, '. . il
Ut prius » ‘DL & LG funt, 5, ‘T-- DE
Quia vero ACq -+ CBq (DK) iy = ACB s bu 1o,
Fl:x‘-oque DK“TL LF (1 ACB ) eftque DK, £1.6
o LF #::DL, LG derit DL T LG. -demque e lom.60.10-

DL “Ib 4/ DLqu LGq- fex q\nbus hquet s d'f
DGeichln.6 Q.E.D.

f&f e L MMJ . _
G ' A—-—-l*—c !

; 'gim AB, DE'ﬂ- ﬁatqne AB. DE :AC
“ D
¥ " Dico.1. AC-TL DF. ut paret ex to. to. - .|
iem CRTL FE. ¢ quia AB.DE:: CB.FE. 9%
2. AC, CB + DF. FE. Nam AC. DF :
AB. DE :: CB. FE. ergo per'mutando AC T
" CB:DF.FE. . L
# . 3, Reftang, ACB "O. DEE. Nam ACq >
" ACB b::-ACICB ¢ :: DF. EF : DFq. DFE. gy,
quare permutando ACq. DFq:: ACB. DFE.
elr)gl? cum ACq T DFy, iaic ACB L 4.
f 4 ACq < CBq 11 DFq -+ FEq. Nam
» quidACy. CBqe:: DFq.FEq. erit componen- ¢ **
30AC<1+CB‘I CBq :: DFq— FEq. FEq. er-
gocum CBq - FEq, Feric ACq-kCBq o trode
i D¥yg -;IFEq p
.~ _5. Hinc, fiAC -, vel - CB, gerit pa- 8 V01 »
r’!e:DE‘g,Vel“g.-?;—F hl} F

PrROP,
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" PrRop LXVIL
A- £ B Ei, que &
C binis  nowinin }
"D — E (AC-CB).
- F longitudint oy
menfurabilisDE,

7 ipfa ex binis nominibus eft atq; ordne ealem.
Fac AB. DE 1t AC. DF.s funtAC, IF
:’h‘a.“l& .54 & CB, FE11.. quare cum AG) &C
clom6. 10, 0 int#" T , cerunt DF, FE p* .. ergo DB
¢ [hue eft etiam bin. Quia vero AC. (B« PR
FE. fi AC T1, vel ‘I 4/ ACq ~3Co
&g 10, detiam fimilicer DF Q. , vel ‘0. 4/ DFY~
teio FEqitemfiACTL, vel'T1 ¢ expol, ecrith
"~ militer DF T, vel ‘T3 ¢° expof atfi (B T
vel “TL o', s erit pariter FE “TL vel ‘D. p". Sin
greoéef. veroutraque AC,CB'TL p, eritutragsetiam
4.0 pEFE 4O g Hoc efty quodcunquebing-
mium fueric AB, erit' DE ejufdem ordints.

Q.E.D.

Pror LXVIIL

Ei, que ex binis mediis ( AC -+ CB) lng-
tudine commenfurabilis DE, o> ipfa ex binisme:
diis €}, atque ovdine eadems.

812,6. sFiat AB.DE:: AC.DF. ergo AC T
b lem 66.10. D}:,& CB "D.. FE. ergo cum AC & CB
enp.  clint g detiam DF, & FE erunt g &am
dsg 0. AC ¢T-CB, eerit FD FE, fergo DE
G810 clt2p"Si igicur reftang. ACB fit p'ry g8
g#h.1s.c0. DFE 501 ACB, ¢ etiam DFE elty 5tk
235 e illudur, b hocetiam erit yy, & 1d eft, five AR
s9.10. - fitbimed. 1. five bimed. 2. erit DE ejufdem or-

dinis. Q. E. D.

Prokl

e e L Py W




A
o C 4 CB) commen-
D , 1 ‘B furabilis DE , ‘& N

" Liber ¥, Y

Procr LXIX

~B - Majori (AC

| S ipfa Major eff. -
~FacAB.DE i AC.DF. Quoniam AC

4" CB , berit DFG-FE. item ACqt 3, .
~CBqaeeft ¢g'v; proinde cum DFq —+ FEq ¢ “TL blem6isa
ACq—+ CBq, ¢ ctiam DFq —+ FEqeftpy. de- cibso.
“niquerettang. ACB selt uy.d ergo re@tang. DFE d1¢4.©.

eft ur (quia DFE? T} ACB.) ¢ Quare DE eft 040,09,
major.&E.D. - o

‘Pror LXX.

Rati'on'dleﬂac medium poten};‘_ (A C—+CB)
commenfurabilis DE, o ipfa rationale ac medinm

_posens eft.

YrerumfacAB.DE; AC.DF. QuinAC . .
l"q_CB ) l’eﬂﬂm DF"‘g.F E. item quia alyy

" ACq—+ CByseltpr, cerit DFq — FEq wr. ::‘:‘,.‘:' k

DFE eft ¢'s. ¢ergoDE et porens ¢°v» acpy. "

_ denique quia reftang. ACB ceft ¢'y, 4 ctiam dfbas. o,

0.

CQE.D, .

"Pror LXXL '
N ,

\
-,

B Bing media potent?
C .. (AC~+CB) come

' D eme—et— o B menfirabilis DE, &~

. ipfa bina media po-
: tenseft. ~ T -
Divide DE, utinprzced Quia ACqs'Fl asp
CBq b erit DF - FEq. item quia ACq® ""f:‘“"
-+ CBjaeltpy, cerit DF —+ FEq etiam - 7. S 4 12

* pariterque quia ACB el g , detiam DFE el 3410

#r denique quia ACq-+ CBq'0- ACP,
eerit



238 EVCLIDIS Elementorum
fabio o erit DFq —+ FEg ‘T DFE. f¢ quibus fequi

" tur DE efle potentem 2 ##. Q. E. B.
-Pror LXXIL >
e . Si rationel
| ‘ L B componanti

“Ba atuor irvatit
" wales fiunt 5 o
ea que o 4
Y 10 minibus » o
X dgiie ex binis w:
- s prima y W

major s wvel rationale ac mediugpy porens.

Nimirum § H—A~B , et H una 4 line

arunt, quas theorema’ defighar, Nam ad CD

8¢er, 16.6, . °"P°ﬁfwgl "\, .afiat re&ang. CE=A ; itemFl
B0 =B 5 bidtogie O = Hy Quomimigir

"7 el g'y, etiam CE elt fy. “¢érgo latitudo

daj.10, ety - Cg & quia B et pr; erit FI uv.
ey 90, dergo FKell “p ‘T CD, ¢ergo CF) FK{unt
",’_‘6"?- ¢ ‘B Tota igitur CK feft gin, si‘igior A
E.:J}k 'C"B, hocet CE =~ FI, gerit CFCFK.
ﬂ',"’,‘, go fi CF-11 4/ CFq.. FKq, berit CK bin
Ig.def. I.& proinde H =4/ CI keftbin. Siponatur
?1185'80 10 CFL o/ CFq — FKq, ! erit CK bin- 4
* quare H (4/ CL') m eft major; Sin A 3B;

. &erit CF =3 FX ; proinde ; FX ‘T 4/ FXq~

:8.",:,’: CFq, nerit CX bin. 2. o quare Heft 2 p P
o¢6.10, M2 denique fiFx ‘T3, s/ FKq CFq, ferit
b§ - CK bin. 5. gunde H erit potens py ack”
K 1 TR~ - . .

Pro 2! y



» c_F ¥

Liber X, - - 339

Pxor LXXIIL . - .

i . =
dis A, B yinter
fe. incommenfu-
rabilia  compo-
nantuy , due re-

lique irvasiona- *
l lesfiunt ; vel ex .
‘A binis mediis fe-
‘D E T cunds, wel bina
. media potens.
 Nempe Hpotens A+ B et una diGarum
irrationalium. Nam-ad CD expof.s®, fac re-
@ang. CE==A, & Fl = B.unde Hy=—=CI.
‘Quoniam igitur CE 5 & FY «funt in, beruit aip.
1aticudines CF, FX § "T0. CD. item quia CE 2:’6”'
¢T3 ¥I; eftque CE. FI.c::CF, FX, derit dio.10, .
CF "I FX.eergo CK eft bin 3. nempe, fi e 'd'f-
CFTL 4/ CF§ — FEq. unde H — o/ CT ;"% |

it 2 g 20iSin vero CF ‘T 4/ CFq = FXq, gé.’d;f.
gedtCKbip. 6. & #proinde HwRpoiens 2 ; &. béore.

Principium Senariovimiper -
- detraltionem.
 Pror LXXIY.

= ——

§i & vationali DF rationa-
D " E F Us D Eanferatur, porentid tan-
tums commenfurabilis exiflens tori DF jreligua EF
irrssionalis eft . - vocetur antem apotome. ’

Nam EFq '« “IL DEq; fed DEq? eft g § 1w *¢t>
cergo EF eft 'D".-Q. E.D. ' ' c@.d v

In numeris, fit DF, 23 DE, 4/ 3.5F erit 2 — &1

vi. :
»J:..zw.;.
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PRoPr LXXV.
D  E 'F Siamedia DF media DE] .
s ———  auferasur, potentia e
commenfurabilis exiflens toti DF, gue cum 6
DF rationale conitineat; veliqus EF irrationdlis

‘ vocetur antens medie apotome prima, I
» it 1610, Nam BFg ¢ Tl reétang, FDE. ergo s
b‘]l- FDE bﬁt Py‘,deﬂt EFP. Q_E D. i

es0.& 14 2y uumeris, it DF vy/543 & DE vy/2419|
“° EFeltuy/ 54 = vy 24, ,

Pror LXXVL - h

D . E F  Siamedia DF media DE

s oo ceeeeee  guferatur 5 potentid tants® |

. commenfurabibis exiftens toti DE , que com 1ot | -

: DF medium contineat; reliqua EF irarioialis eft;

wocetns ausems medse apotome fecanda, y

, %la DFJ’ & DEq e funt ‘u T, A

20, - berit DFq + DEq . DEq. ¢ quare DFg
¢34. 10 . =4 DBqeflt uy. item rectang. FDE , ¢ ideogue
‘ 2 FDE seft yuy- ergo EFq (4 DFq—+ DEq -~
‘;'",7,5," ‘s FDE)eeltp’r quarc EFeft . Q. E:R. |
o In numeris; (it DF, u4/18 3 & DE,vy/ 8. cil

EF 04/ i8 = ¢/ 8. o
. PRoOP LXXVIL : "
et i & realines ACnfs | °

A B C  auferatur AB,potentiaincon-
menfurabilis exiffens toti BC 5 que cum tota AC
faciat compofitum quidem ex ipfarnns quadyatis ie- | |
‘tionale s guod autem [ub ipfis continesur medismire |
ligna BC irrationalis eft : vocetur anten minot.

. Nam Acq-+ABq ¢ eft pp. at re@ang. ACB
f,;{’.';.w. aell uy. § erco 2 CAB 'T- ACq <+ ABq Z(
1.;"0' (2¢CABY-BC ;) dergo ACq—+ ABg‘B-
ih.af10. BCY. eergo 5€ et 'p. Q E. Dy

In




[N

943

1 DF o8
- pumit:
F, f{l‘
EFinm
i
DE o

)
L

- D—-——-~-E

Liber X " 241
In ‘wumeris, fit AC,o/: 1% 4 o/ xoS.ABV s
18~ 4/ 108. ergo BC eft 4/: 18 + 4/: 108.
—~4/218 = 4/ 108.

"Proer L‘X»IV HL

“F "Si drefta linea DF re-
- Bwaufvaswe DE porentia
ulnb‘r ewiflens 20D PR, qhecip tota
DF acies compofium. quidemon mﬁnmqm{mm. .
s ghood avpem fbipfis combiierar, raviomalt;.
ﬂllqm E Rirrationalte offcvostnw auserms chmrratigs
nali medium totum e[ﬁ‘am.

Nami.2 FDEG eft fy. 5.8 DF¢ eft 45,
w2, cegarFDE DPq‘-f- qu(zlg mo.
- EFqJeergo EF et ¢, QuE.D. P e
. In numeris fit DI-'M/ VY 316'p ¢7z DE;’ df
V14 216 4/ 7:.e1g0 EF eft/: v 216+ aﬁ.‘l':.f"’-
¥ 72— 414/ 216 = 4f72. )

_ P‘x o LXXIX.

D E B Sidreta DF relta ¢ufm‘
e o ] orentia, in mﬁlrd-
bxlir ex:j[ sz > que cum
tota famt o compofitum ex ipferum quadraris ,
medium;: ebfqumifo bipfis- contimesur, medinm , in-
commenfirabiléque compoffio ex quadrasis pferins,
rel wa irrationilis eff: vocetur gutem cxm. medm
1um sotum efficiens.
NaszD > & D -i-DE s funt ye ;
hrg?EFq (ch-‘ P%q -2 DE)‘ e[t“ v. .‘”.“

‘*proinde EF eft
P ' 7‘1 "’

Exempl.gr.fit DF, V V :S‘o -+ q(Gc,DE,

v/3y/ 130 = 4/ 60, EF erit v/ o/ 180, ~+
6. yé“/x‘{: ~ / Go.,

Q. Pnop.v



o EVCLIDIS Elementorsm
’ VZ'_. EMM A
v C—— . H=
S idem fit exceffus inser primam magnisndinem
BG, & fecundam C (MG qwi inter tertiam me-
}ni_ml_inem DF, ¢ quertam H (EF; )erit & vidif-
’ 4

it idews exceffus inter primam magnitndinem BG>
gt,mim DF, guiinser fecundam C; ¢ quartan

. .Nam gquia s zqualibus BM , DE.adje@= funt
otyp. . &quales MG, EF, s hoc eft C, H;erit exceffus to-
16.05,%." torum BG, DF , b equalis exceffui adjeétorum)

UGB QEDS. i

B r , Coyo[l, ,

Hinc,quatyor magnitudines Arithmetice pro-
portionales, viciffim etunt Arichmetice propor-
t!ona,CS. T e -4- %]

PRor LXXX

- B 1D . C Apotoms ABunater

—— " tum congruit vecd
linea vationalis BC,poseniia tantnm coyxmmf“f‘b’ )
Uis exiflenstoti AB. ' C

Si fieri poreft , alia BD congraat. sergore

k4

L. 30,

w10 ' &angula 'ACB,ADB;skideoq; eorum dupla funt .

7.3 ga.cumigitur ACq-+BCqm 2 ACB< =ABq

woo.10, ¢ = ADg~+ DBg— 2 ADB.ergo vicifim ACq

». k37, =+ BCq ~: ADq~+ BDgd— 2 ACB —: L4

. 10, ADB. %ed ACq—+ BCq~: ADq—~+BDq. et

0. pr. 'fergo 2 ACB ~: 2 ADBefl ¢V
‘QE A ‘

A ’ PRrRO?.

G

L.
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"o o Libe Xt 243
CPRoe LEXXL 50 0 LT
s e M Apotoma pie
- A. B D C me AB una tantim

Lf congruir velta lineamedia BC, potentia folum com-
) menfurabilis exiftens toii,¢p chm toté rationale con-
ikt ‘i.'fmf'» St . -.-.:.._. g et qem e
- Dicetiam BD congruere.  igitur quoniam, ,
gi 01 ACGH&BCq; quam ADg 5 & BDq afunty gy,
P MeTl.betiam ACq—+BCq: & ADg =+ BDq b b
o CTuntlse fed teangula ACB,ADB;d adeogque ¢,
2ACB,& 3ADBfuntp'a. eergo2 A C B dfikn. s
s 73 %ADB; fhoc et ACq+BCq ~: ADR /3T
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o Ay O Y o g grsic- veBadined . ; |
- v b e BC, poen
i | RN - {-2emtia folum comw="

S A ,‘Mﬁf‘bﬂiﬁ.:ﬂl}a
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EG, ergo cum El== ABq, 4 etit KG == 2 4.0. k3
ACB. porro ACq, & BCq b funt us “0J-. ;'blf

¢ Ergo. EG (ACq ~ BCq) eft ur. 4 ergo 1a- ¢iq10. -

titudo EH § ‘13- E'F. ¢ Quinetiam re@ang. '.’“;".'Q‘

" ACB; fideoque 2 ACB (KG)eft uv. dergo fiq10.

- KH et eriarn § T EF. denique quiz ACq -+ Tom.16 10

BCq> ideft, EG,g ‘Tl 2 ACB (KG) eftque 855501
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.. )EG.KG::bEH.,K’H’k cri:EH‘fﬂ.Kljl:
-10. [ ergo EK eft aprome;cujus congruens KH.fmili

. 17410, : 2

! argumento exit KM cjufdem EK congruensicols

umento exit 1.1 ¢ 2!
tragohujus.

e PRoPR LIXXIIL
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A B . D . C mmcon?q} refta bi

' ?'?;igd) potentia inctmmenfursbili exiffens s
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a. - Proew LXXXIV.
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quxwwﬁ; M8 cantinttyn, tationxle; - - -

Dic aliam. B D etiam_congruere. & ergo’re-

. agdeACB, DS, bideoque » ACH; &1

’d.u.l:- ADBfunt p'a. ergo:r. ACB ~:2 ADB ;5 ¢ho¢
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Deﬁmtmcs tmu., _ [‘
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Rhli longitydive commenflitabilis 5 :
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m\i Sieero uongnmi expofitie fational fon-
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Rurfus, i tota plus pofiic quam congruens
quadrato re@z fibi longitudine incom:
- menfurabilis:; ‘- . »
. TV. Si quidém 6ta éxpofita rationali fit
+Josgitudine commenlurabilis ; vocetur apotoint
guarta.
: V. Sivero copgruens expofitz rationali it
.lon‘gltudlne'gomplenfur;bilis,v vocetur.apotome
nta. . A
.-~ Y1.Quod fi segue tota,neque congruens,es-
. ﬁ:ﬁtz rationali fie Jongitudine commenfurabi-
_Lis; vocetur apotome fexta, k
A P! "0 -'- L XXX V 1; 87,88: 89)90’91;;
Ao 4 €ocg B Invenire apotomen prie

¥ —siimerseme F quartam,quintam.fextam.
-G 7 Apotomg inveniuntur,
“H mterne " fubdu@is - migotibus bi-
', ‘nomicrum nominibus ex majoribus. Exemp.
"> gt Sit'6 =+ 4/ 205bin. 1. erit 6 = ¥ 20, 2

pot. 1. &c. Quare aru

gepetere nihil oft necefle.

' LEMMA.

Sit_veSangulum AC

«

ducatur AD ad E; &
| Bifecetur DE in F. fitghe
reftang. A GE —FEq.
' f Q;;tm leantur re&tl:-
& }rrtgra AT, DK, FH.
n ‘-”  Fiant vero quadrassm

P A "O’d";"’"» N0=:SGI’

. [ ({7 Producanturque N3R5
OsT.

1 - Dico grimoyreflabgal

—~ Al LM+ NO =2

de earum inventione plura.

DEC Efb restis AB,AD. prov .

A M. FOqs+. SO ut paeet
; exsopfin o

. mam ; fecundam s tertians,
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Secundo > Re&ang. DE=LO: Nam quia 47
re&ang AGEe¢=FEqbfunt AG,FE, G E teoufy.
cadcoqucAH FI, GI &; lhogeﬂ, LM bl7 6.
FI, NO .. arqui LM LO, NO dfunt = d/.;,,,

er, oFI.._eLOf"‘DK——gNM %5
Tertia , Hine » AC—Al - DK =~ F[— .1;;
LM ~ NO~LO~ NM == TR.

Quarto, b Liguet DF, FE, DE effe .. b6 10,

Quinto, S AE DE, & AE TL v/ AEq -
=~ DEq, kervnt AG7GE, AE T YT S

Sextos Item, quis AE!'m DE, ' erunt AR, e

" FE ‘TL. MdeoqueAl,FI hoc s LM ~+ NO 1 m'i3. g6,

& LO fum 'L
Septimo, Irem quia AG *TL GE," erunt AH 216

_ GI, boc eﬂ, LM, NO 11.. - g pmu

OQavo, Sed quie AE!"C- DE, *erunt FE ; © '4-10.
GE ‘L., *ideoque reftang. F1 "TL Gl hoc ef LO

T NOquare cum LO. NO 7:: TS, SO 1 mmtg |o’| o
"8, 50 Q..

Nono, 8"3 PM‘”"’ AE "EL V A‘Eq-‘ DEq sr |° lo N

. " erunt AG, GE, AE‘TL. & 8%,

Decimo > J; Q,udr"eﬂdng AH, GI, boc eft ,

: TO9, SOq cmnt“‘ﬂ-
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Pxo® XCIL.

A__D FGE 5 pwiumAT emt |
‘ 1, m{d’ mfoﬁali:& ’f"
ol oo orima AD ] W

: (AE—DE;%ﬁm’ 5§
i TS fperiom AC porsnsy | &
Ry ek !
Bl CpK Il aanite femmaprod- | o
_ “¥AP fne antecedens pro prz= |
e 6 / paratione ad demon-
. 4 ’/ 1 frationem hujos, Igi-
X0 ] TS=¢/ AC. ftem

- AG, GE, AE funtt1;

' ergo cumAETLeABg’;

e M "ci;untAIGi&(tith:r'g- $
3016, - AB. ¢ ergo reftangula AH&GI, hoce q ] b
lemgl.ton o SO‘cqﬁ;gZI e .‘gitcm“TO » SO funtp’ "}: T

48 proiide TS eft apototie. Q.E.D,

 prer Xt |
Vide Schem. praced.

% fpatium AC contineatuy fub rationali AB,C*

apotoma fecunds AD (AE — DE;) refla lims

TS fpatism AC potens 3 media eft apotome prims. 5

Rurfus juxca lemmaantecedens, AG, GEs &

' AEfunt . cum igitur AE «fic¢® ‘T3 AB, T
e, berunt AE, GE etiam»’ ‘T1- AB.cergoreltan- |
.10, -gula AH, GI, hocelt TOq, SOq, funt us; -
74 t0. ditem T O - 5 O. Denique -quiaD Ee T 0
0. AB.p" feit re&ag:s DI, qu[%;xc femiffis DK, "

10, vel LO, hoc eft TOS p°y g & quibus fequitur TS i
'(E/ 4Q) efle mgﬁf_aggt. 1. QE.D. u

PRroOP.
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. iier X, egs
Pror XC1¥.
- ‘ yide idem.
:'E,“' - 8i farinm AC consivbatuy fub rationali AB &

o Woomasersis AD (AE ~ DE;) refta binca
u Ls/}m‘lm ACpeens medie eff apotome focun-

® Ui pracetentiTO , & SO funt . Quo-
Biam jgitur DE s oft p°'T1- AB , berit reQtadg. a 4.
" DIy cideoque DK § vel TOS ur. 4ergo TS bai.se,

! ==/ AC elt medi apor. 2. Q.B- D. iv6,
b Pros XCV.
1 3 vide idem.

L Sifpasinin A C contineatur [ub rarionsh AB,

y & apotoma quarta A D (A E'—~ D E) reflz linea

, TS fpatium A C potens, minor eft.

" Rurfus TO ¢'T} SO. Quoniam igitur AR stwgt.1e,
belt !‘ T AB, cerit AT, (TOq—+ SOq) YA ::’;‘ ‘0
atqui ut prius re@tang. TOS ek smr. Serpa TS dyy v, .
=4/ AC elt minot. Q.E.D. g

Propr XCVI
H . . Videidm.

Si fputinm A Ceontineatur fub vasiomshi A B,

y  drapotomaquinta AD (AE «— DE; ) refta lines

}' TS fpatiam AC porens , eft qae cum ritiomols me-

L diumtotuns efficiz. :
” -Runfus egim TO 8O taque cum AE
P ﬁw.dn AB, & ¢itt AT , hoc eR TOY 4 SOq “"”
.un.Se tia 93 reRang. TOSek v ¢ - 2 .

inde TSP:?V &é eft q:g cuh ¢y f::it weum :;;'.' ::: .

. ur QE.D. o S '
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Pror XCVIL

neatur fub rationsli AL
¢ apotoma [exta AD
linea T S [patium AC
potens  eft que cumnt
) dio medium  sorup off
BL CnKHIG
' " P Itidem , ut fzpeprits
"r’ LI To g 50. itemui
~A/ %96, TOq ~+ SOg ¢k
S . reftang. vero TOS
: | eltp'y,utings. s ge(n)l
e - ) ue -TOq -+ q
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Q.ED..
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(168 . —C_ it D E* applicen-
' D G ML Lturyre&zng. DF=
{-l ABy, & DH=
, BCq ; & fi GL
{ l biﬁ&zinMsdl‘fI‘;
P
K - Be ’queﬁt M N parail,
E X' U UK GF

_Erit primo, Relang. DK =— ACq -+ BCq#*
eonftruétio indicar. g
‘Seeundo , Reffang.' ACB =GN vt/ MK
,”'{’ ; NamDKas— ACy ~+ BquI -2 ACB -+
exyr.  ABJ. at ABqs== DF. ergo GK¢=3 ACB:
4%, & dprainde GN, vel MK —=ACB.” ~ ,
* Tertio, Reffang. DIL — MLq. ‘Nam quia
8 ACq.-ACBe:: ACB. BCq; hocett DM%
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‘ACq. Nam ACq—+ BCq (Dr) g 1

o Liber X. . 7.51"1~

‘MK MK.IK , eery DI ML. 2t ML, IL.fergo .

DIL=MLq. - R — tus
- Quarto, i ponatur AC G-BGeritDx . '

Acq 3 {6.10.

Quinto, Ttem , DL 13 v/ DLq~ GLQI,
Nam quiaDH (ACq) 0 1K (BCq) beric DI k1o, io; -
*T IL. kergo4/ DLq~ GLqT DL k1810

' Sexto’s Item DL GL. Nami ACqp 77 ¢

. . ke :.
]B)([:,q";?- é i.ﬁACB,hoc ett,Dx “l?.’gx. ,,,' ergo “'l ;..1'6‘,’:0
-"Septimo , Sin ponatuy AC BCaerit DL asg

oy DL,g - GLg, hg_ ‘ "

PrROP XCVIIL

: uadratum apo-

) G,B""' "' C to»;le. AB(A CIJ-—

Y LeBC) ad rationalems

‘BE applicatum , fa-

| cit latitudinem DG

{ : apotomen primam. .
Fac ut in lem..

, —1_ mate proxime pra.-
E F-Ny K cedenti,

Quoniam igitur AC , BC «fupe ¢
perit DX (ACq —+ BCq) . AC
DKeft ¢ 4 quare DL et ¢ “TX. DE. pitem duv e
refang. GK (2 ACB) et yy. fergo GL eft p* S0 M4
“13, DE. g proinde DL L GL; s fed DLq f53.10,
. GLq. gergo DG et apotome, & ! quidem § hiase:
prima (quiamw AC T} BC, & propterea DL ”7{-/‘0'4 :
“B-+/DLq~GLq) Q.E. B, IRl

10, .
T omlemgy.
.0,

.y adyp,
. -g" bﬁi 10,
Qs ¢ ergo cleh.az, 40,

S . fgov.
3 : - .




2 ‘
“5*  EVcLIDIS Elementorim
Propr XCIX.

Vide Schema fibferns. .

Ldratum medie apotome prime AB ( AC
}.‘C Yad ravionaiem DE applicatum fachlﬂ"‘f'

2%. ntm DG aporomen  feewndam. .
blowgrsa,  Rurfiss ( fuppofito lemmae pracedenti) 24
drhre  AC, &BC afunt uog. b, eric DK (ALQF
vnafs, B2q) 1 ACq; ¢ yusre DX el yr. 400
jilo  DLé ;T DE. ¢ item GK ( 2. ACB) &
1;5 o, ~ ¥ fergo GL eft ‘p T3 DE ;5 gquare PL T-
ht‘..::.w. GL. & Sed DLy TL GLj. keigo DGrelt ¢
Lirm gy.10, tOME. quiz vero DL ! 11 4/ DLq = GLQ»
5% 2. + ™ ekt DG apotome fecunds. QE. D. :

Pror .C )
) ) @drﬁtﬁt e
A———"——C gz aportiz Ye-
T R r“.;.....l-‘xcund& AB (AC"
, _—’ ‘ "BC-) ad ralions-
: lem D E applics
tum sﬁicil lathtudi-
] nem DG apormmtn
: A1 gertiam. .
E F ' N H K yerm Dﬂn'efl
1o, o y » B quare DL
{?ﬁ.'c:.w. ot p BT DE.. ittm GK é:{(’l‘“’.\‘”u‘t]‘& GL &
-840 o T DE;birend DK "t ‘GK, ¢ quart DL,
srk, T GL; ';at DLy T GLy. e erfo PG &t
4.7 apot. &ynidems 34 ¢ quiaDL x 'y Dld=
S‘..’f 6L QED.  ° * v Dle
By.10.

Pror CL
Vide Schema praced.

leratum minoris AB (AC = BC) ad re-
- tionalem
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sionalem DE applicatusy, facit latitndinem DG 4. :
potomen quartan. .

- Ut prius, ACq~+ BCqs hoc ekt DKeftfps | o
aetgo DL eft °p 0. DE. at reang ACB, sde-» g,

i oque GK (2 AGB ), *eft nbquare GLef"p :;;, 10,

"D DE. cergo DLTL GL. 4atD LqTL §53 00,
GRq. quiavero™® ACq - BCq, ¢ erit DL, sloman 10

) o/-DLq~ GLq: fergo DG conditiones habet ,.‘.:"""’

( apotom quartz.” Q. E. D. ' 4

it . .
) . PrRep €IL
} Yide Schem, preced,
o : L
0 “Quadrasum ejus AB (AC =~ BC,) que cup
varionali mediwm-totum efficit; ad rasionalem DE
applicatum , fatit latitudinem DG apotomen quin.
tam. :
‘Rurfus enim , DK eft uv, aquare D Left p*
”: ‘L DE. item GK ett p'p, bunde GL eft ".‘l.';. 3. 30

bs4, 10,

(- DE. cergo DLt GL, 4fed DLq T GLg. ¢ g‘ o, .

s powo, DLe“md 4/ DLq — GLg, ex quibus, clomgrio,
¥ DG felt apot. quinta. Q, E. D, , ’.: 14?{-
1’1 " Pror CIIL

Vide Sehewsa idem.

K

1 ?ydm{um ejus AR (AC ~ BC,) que cusm

3 wedio medium totum efficit , adyationalem DE ap-

§ licstumy fagit latitudiness DG aposomen fextam,

; Hayd aliter; quam aptea, D K, & G X fune

. ®&; aquare DL & GL funt § "1, DE. item qu4.00,

" DKL GK, ¢ quare DL ‘- GL. dergo ””o"’,""
DG eft'apots b cum igitur ACq ‘T3 BCquideo- Ziote.

que DI'TL 4/ DLq = GLq, ¢erit DG. apot. 474 %o
fexta. Q. E. D, 1 ! - P .':44“

T :',PKO'e
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~ PRor CIV.
\ " — C : Reﬂ'dlineq DE&
A ) B potome AB (AC-
D B K BC) impitudin
) . commenfurabils, &
ipfa apotame ¢ft, atque ordine eadem. - e
;  LEMMJA, h
Sit AB.DE :; AC. DF. ¢~ AB 1 DE.
Dico AC'+ BC I’ DF & FF.

Nam AC.BCs:; DF. EF, €rgo componet-

do AC —+ BC. BC:: DF —+ EF. EF. ergoper

alom.6610. ;myrando AC —+ BC. DF — EF i: BC. EFant

bi01®  BC ML EF.sergo AC + BC o DF + EF.
.E. D. - :

s12.6 Q: Fac AB. DE :; AC. DF. } igitur AC+

blew.s05. pC T DF —+ EF. ergo cam AC <+ BC ¢ bi-

by nemium fi6,9 etit DF <+ EF ejufdem ordinis bi-

dér-®. - miun ; equare DF m EF ejufdem ordinis -

:'o:z:,lﬁ:t’ potome eil, cwjus AC ~ BC.” Q. E. D,

L L N .
‘ "PRoOP . CV,

Refla lined DE medied-

A B C. potome A B (AC~3C)

A vy COMMenfurabilis , &~ ipfame

) E F  dieapoiome eff 5 arqne ordint

eadem,

. Tterum o fac AB. DE ;: AC. D¥. b quae

6
blemtes. AT -+ BC T DF ~+ EF. ; ergo DF +EF

;“’“ o cit bi_mlcd,. cjutdem ordinis , cujus AC—+ BC.

. dy6,&:¢ dpicinde X DF ~ EF medix apotome erit &
50, jutdem dailis, cbjus AC - BC. Q.E. P

Prob
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~pPror CVI !
Rella linea
x# l c. DE Minori AB)'
: = ({AC=~BC
p D . £ commenfurabilis,
.

@ ipfa minoreft. o
Fiat AB. }.DE : AC. DF. seftique AC - BC Sim1o%

o DF -+ EF. atqui AC —+ BC beft Major, bzr
i cergoDF —+ EF quoqueMa]or elt. 4 & promde ay7. 10,
DF~ EF eft Minor. Q. E.D
i’: C PrROP C-VII.
f; ,!" R § C . Relta linea D!rMen- '
: B [urabilis ei AB(AC ~BC)

s m que cwm vationali medium

P v totum efficic , & ipfa cunt
gt utwmtlx, medium totum efficiens eff.

5 Nam ad modum prcedentiom oftendemus -
DF — EF effe potentem ¢'y , & py. 6 ergo DF i,
- EF eft ue dicitar.

P RopP CVIIL
YA B C ReBa linea DE com-
¥ commesemebereane  menfurabilis i AB (AC
8 emmmimeneleceman = BC) que cum medio me- .
D . B ¥ dium cotum efficit, &ripfa
. cum medio medium totum efficiens ef,
Nam, ad normam pszcedantium , erit DF =+
EF potens 2 s, 9 ergo DF - EF erit ut in pro- a yg. 10-
pofs

PROP.
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Pro p CIX

MedioBiar
¥ tionali A +3

B e
l‘ ) C : detratto, redal

81

r [ SR | neaH, qué "ll;

[ 3 uum [batinm

i fa B i b Zmﬂ,:{fm_ﬂl{‘

7 - L bus ﬁ: o8l o

Rl ‘.‘E‘ S tome s Wll' Ni
no! )

r.
AdCD ", fac re@ang CF== A + B; &fl

o~

[

. - == B. quare CE s = A: (Hq) Quoniam igitr
& GLhaib e orit CKp TL CD.fedquia Fl bl
e (Ahﬂ-cr.i'!FK}'“mreD.\fugdeCK‘a.FK

és5.90.  f.orgo.CF eoft apotome. 8i igieur CK T vy
:""."' CKkqg —~ EKq. gerit CF apot. prima b quare 4/
‘7.?435. CE (H) et apotome. fir- CK 1 4/€Rg~
fe .. FKq teir CEapot, quinta. & proinde H(y/
£ 39, . €B)letit-Minor. @ E.D.

so,
tos. 10 _ . PRopP CX °
yide Schem. praced.

Rationali B dmedio A — B derratfa; dliedue
irratiomles fiunt,vel medix apotome primasvel cum
rationali medium totum efficiens,

wy . AdCIy expof. § Gant reftang. CI— A~+B;&
b/p& Fl==B, sunde CE= A== Hq. Quoniim
i se, igitur Clbeltyy: ¢ erit CKp*'T1L CP. fed quia
daegn.  Flbeft po,derit FK;* 01 CD.cunde CK'T-
frgso.  FK.fergo CF eftapot. g nempe fecunda; fiCK
gs4s8s. “TL 4/ CKq— FKq, b quare H (4/ CE) eft me-
",’, . dix apot. prima. Sin vero CK ‘T 4/ CKq ~
#5.a£8y. FKq,# erit CF apot. quinta. & proinde H v |
CE ) erit faciens gy cum fy. Q.E. D. v
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" fiunt , velmedie apotome fecunda, vel cum medio
medium totum efficiens. : .
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“Proe CxL’
. ~ Vide Schema idem.
Medio B & miedio A ~+B detraBboyquod fit incom-

Ad CD§’ fiant reQang. CI= A +B; &

FI—=8, s quareCE== A —"Hq. Quoniam a3 an<
igitur L eft . berit CK ¢* 51 €D. eodem 7)1
modoerit FK p* ‘T3 CD. item quia CI¢" T dio. 1o,
FI, derit CK O FK ; ¢ quare CF eftapoto- §74, %

me, f tertia feilicer, i CK T 4/ CK~ FKq; 10, . s
gunde H({ ¥/ C E) erit medizagot. fecunda. Bt
verum - fi CK ‘- 4/ CKq — FKq, betit CF 1o, 7 7
apot. fexta. & quare H crit‘facien‘sl/.r cut g, kor.10.

QED..
U Raer CXILY Ty

IR “Aporome A sor eff-
F D E erdom qucex binis g
T -, minibas,

_ “Ad ékp(’)f. BC¢,
v 9 + . fatreftang. CD=
Al - - “ Ag. Ergo cum A fit
=~ T, . apotome, & critBD :
_apot.prima. gjus cangruens fit DE. b quare BE, ;;’:’ by
DEfunt¢ Ttc EBETLBC. Vis Aeffe Sief:
bin. etgo BD eftbin. I. ejus nomina fint BF , g‘;}??&.
FD; fitque BRTFD; dergo BF; FD funt p* o Ldf 48

; &BFe @ BC. ergocum BC 1. BE; £ 10,
fEitBE TL FBgergo BE TL EE. b ergo FE grumité-to-

ot .item quiaBE“T1- DE perit FE 3. DE. g 1or
I-quare FD eft dpotome; ; adeoque FD eft §. fed 1741
oftenfa eft £.. quw repugnant. ergo A male dici-

fur binomium: QggD v o

:3 o Nomi-
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Nowiing 13. linearum irrationalivm inter

J& difftrentium.
L Media, ¥ o
- & Br buns somiaibus, cujus 6 fpecies
© 3. Bxbinigmediis prima. .. ¢
4-Ex bigis mediis fecunda.” . :
s.Major. . -
6. Ratipnale ag medium poténs,
~ ;= 9. Bina media potens, o
7. 8 Apetomey cojus etiam 6 fpetiés. .
v 1 .59 Modie apotome prima.. -,

..o X0, Medix apotome fecunda. Ty
. X Miggn ©, T f
.. 12, Cum ragonali medium - totum eff-

e C!.H)S,- i ) | s

sr. . 13 Cum medio medium totum efficiens,
“. Cum latitudinem differentie argnant differen-.
tiasyelbarum , quaram quadyasa funt applivats ad’
aliquam rasionalem , frgue demonflyatym in prece-
dentibus,latitudines que oviuniur ex spplicationibus

* qhkadvarerimharum-L 3 linearum ‘inser ¢ differre,
Pexfpiowe fequitur bas 13 limas i@rfr;?#«re.

. v

Pgor CXIIL ~— i
- ‘ , 1 j
H C ’ G P Quddrathm

| ‘j':‘ . frationalis A kd.
; : ;-D‘{ l , _ - binis . moneinibhs.

‘ =~ BC {BD +
D €) apylica
 pa 5 et
-Gt fucit apor
“doisen EC yek-

-
oo
4

7.

e wt

OF LR o

".- . jusmomina E'H,
G H  commen

Bl fanallia - fom
sominibus BD » DC ejus, gueiex bimis mﬂg’

I e Tadil T e

-~
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© i eadem proportime EE. BD = C H. D Cp)

© adbec, aporome EC que fit 5 eundems habet ordi-

nent, quem. & BC, e ex binis nominibus. o amnst,
Ad DC minys nomep ¢ ¢ reffan - ’

AQ-BE\mmBC CDB TFC. %E %blq&

dividendoBDIYC: - FE.E C u’m lgltur

¢ 7 PG, d et FE CEC. fund EQ i

flatque ¥G.GE :: EC. CH. Erude EH ,

namm-.\ gpetomEC H q_mbus cdnveniunt tea,

qua. in thearmae propofita funt.

ponesdoFE, GE (EC)u:E
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Nam cqmp;

g pi
- FH.EH ¢ 2 EH. GH g2 FE. BCJ.»BU.”" ;

£ Privs,
DG, guareum BD-g ’1} DG, berit RH- T3 gby.
CH; b & ke T &

N0, l°
0. 9,
EHqk :: FH.CH. bt by FHO. e ideogus hek ver
FCTR CH. Rorro CDgek p, & DF(Ay) o .
geke blenga}?ccﬁ P TCD, quareetiam ML -
CH ot TCD.*igiras BH CH fint )", acTp 2 b1
wrpriys sesgo EQel dpotorve,cui congruic C i, ot
porro BH. CHA:-BD, PC, ideo pevmutando"

) Eﬂ- BDn CGH.DC. vade quia CHF 10

DQ»crut.E&"ﬂ..«lD inimo- powe BD Q. p1a, [P
+ BDy D Cq; 4Qnt|§“BHl‘tL¢E - Pise
C

el BL) “EL:ghewpof:’ eﬂm’ﬂ. ei-.
4;2":',;1;« ot § RCfir bi. 1. ¢ exie EC apot. Froift:

privma, - Svilie i DG XL ¢ esepof. enitC B 48 10,

T3 eidewr p'c @ heriot (i BC fit bim. z.cma B

§-
BCapon. 2. & feheclin. 3. ithreric apet. ‘3% 5& o
&c,S19. B0 "Ehv‘ID]MDCq vy eﬂﬁm“—x 1.5,
&/ EHq—=CHq; i igitur BC fic. bin. 4;2vel 558 ‘°
_vel6. erit EC ﬁmllxter apot. 45 vel 5, vel 6. 757

" QE.D.

’ R 2 " ,\PRQP-
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o R W,

Cproen GXIVL Y

s Quadyatym e

T A @V.  tionalts A ‘ad apr
5 cnr-s g 7] .temen BC (B D~

- "D C) applicatem

.G ' 2l facit latitndinem BE
. ORI S R - g xh‘ o

e <> ‘eam; que ex'binis m-

LN LR C o minibus 5 cHfus e

D = w7t mine BE; GE come
) VRN :‘.:mmfunbi/h fmt &
1. ‘potomae BC nominibus BODC , e iis eadem pro-
. portiont: 5 &r adbik'; qui e binis pominibusft
‘o ‘gngj s)eundem babet ordinem , giiem ipfa dpotomt
L 'f,T:f\»' SitEg e T TR
wags, _ #Fpc reang, DF — Aq ; & BEFEb:
12,6 - 'EG: GF. ;onpmmjgi’mx DF :“Aq":_‘-"CE,
4.6 cerit BD. BC :::BE.|BF. ergo per vonverfio-
£ pem «r;féonl; ABD- CD:: BE. FE :: EG. GF:: ‘
o.5. 4BG.EG. fed BD ¢- CD. fergd BG
7. GE- ergoquiaBGq. @I—iq £ ::.BGr.g%;F. hg’t
o 206 B G TE GF.Xk ideoque B.G T BF. petio
o.to. - BD eeitp’, & reftang. DF (Aq)e et ¢v:1 e
v '* go BFeft § T BD. m.dugo etiam BG eftj L.
1.10. 'BD. =ergo BG s GE funtf T}, ¢ quare BE i
13,10 ¢t bin. -denique igiruti- quia ED. CD:: BG. 1
_GE; & permutandoBD. BG :; CD. GE; fitque
10, - BD T=BG;rerit CD TL GE. ergo fiCB it
""" apot. prima; erit BE bin. x.&c ut in antecedes i
ti., "ergpy &G o o

. e e em

Prob
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R o——— :
G} 7
. i . IR Jud
’ i L .
. [1 b o’
, 1
. | u e B ¢ I

Si fpatinm A B contineatur fub apotoma A C

(CE"" AE,) 0 ez ; que ex binis nominibui.CB 5 .
(Ckjus noming CD, DB commenfurabilia fit apoto-

mevnominibus CE, A E , ¢ in eadem proportione
(CE.AE :: GD. DB.;)res linea F Jpatinm AB
porens eft vatjomalis. - :

Sit G quavis § ; & fae f‘tc‘&ang. CH=—Gq. .
aerit igitur B H (HI~ 1 B) apotome ; & H ['astsuro,

«*0.CD ) TL.CE, ¢ & Bl T DB; 4 atque

HL BI:: CD. DB 4:: C'E, EA. ergo permu- : ,z’,‘,
tando HI. CE :: BI. EA. ¢ ergo BH. AC :: dnae.

LYz

HL CE :: BI. EA. ergo cum HI ¢ T CE, $10,.1%

eerit BHTL A C. fergo reftang. HC 1L o ke
BA. SedHC(Gq) beltp'y. ¢ ergo BA (Fq) 8fb.nsre;
D.

cft é». proinde F eft §. Q. E.
“Corold.
- Hinc, fieri poteft , ut fpatium rationale conti-

_ neasur fub duabus relis irrationalibus.

PRoOP CXVL

E__F AmdiaABS-

unt infinite iyrati-

onales BE , ETF,

&c. ©° nulle alicui

antecedentium  eft
dfm .

eadem,
- Sit A C eéxpof.
&R 3 ﬁ-ﬁt-
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. } EVCLIDIS Elementorum |
) {q‘ué AD fpatium fub AC; AB. s ergo AD

-

-~ - —yyrediam. compleatur re@tang. DE; 4 erit DEYY;
& bproinde EF (4/ DE)ent g’ ; & nulliprio-
rum eadem. aullum egim priorum quadranm
ad § applicatum , latitudinem efficit spfam BE.
ergo, Xc. ' v

.. T PRrops CXVIL

P " Propofirum [t nobis ofimk-
T yes i > quadratis ﬁgﬂri:.BDi
1 (,n‘fi:{me;:t;'m C lateri A B in
) . corimey ilegs effe. -
. B N 'N“”‘f.\cs-:.{g‘ﬂ‘-" P
bewsq8 ¥ Cxbraon -Qst ergo AC
tg 1o oo 'Tl.AB.Q_ N
- Celebratiffimym eft hoc theorsma apudsete-
. tes ph‘iloiog}:og » adeo ut quihoc aekiret ; cum
Plato non hominem cffe,Ted pecudem diseret.

S

L=

' o LA
REITRTRNY SRS L T a0t
. . ,
.
“
IVID . q
) . Y p 3 .
) : :
; : ; :
. . o i ;
' Vo -
1 s - ¢
)
Vv " k3

'y.Sume BE==4/ ADwb arge BE cft ynull
ruiveadem. nullum enim quadragum alict
ptiorum applicatum ad ¢, laticudinem efict
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i LUB XE.
s . . Definitiones. - | .

339 Olidumett» quad longitudiven,)
AL '{)atitudin_em, &'cralﬁt%diuem-k;/
R Dbet. . ! i oo
1L Solidi autern extremum
DSl oft fupesficies.
I11. Lineare@a et ad plapum re@a , cum

 ad reftas omnes lineas , 4 quibus illa tangityy ,
--‘q%a_qua in propofito funt planoa re@os angulos

LIRS e
I V. Planum ad planum reGtum et , cum re«

- & Jine® , qua communi planorum feftioni ad
reftos angulos in uno plano duguntur-, alceri
plano ad reftos fune angulos™ ., :

V. Reftz linex ad planum ‘inclinatio eft,

- cum 2 fublimi termino re@= jllins liney 3d pla-
num dedudta fueric perpepdicylatis 5 arque d
punfto quod perpendiculasis in ipfo pland effe- .
cerit, ad propofit illius lines ¢xtremum,quad
in eodem eft plano ,  aleeya reéta linea fuerit ad.
junfta;éf inqunm,anﬁluﬁacwm infiffente i~
nea, & adjunéta comprehgnfias. . - - .

~.. ¥ L. Plani ad planum inclipatio »-eft angulus

-~ acubess reétis lineis contentus. » - gue in utroque
planorum ad idem communis feétionis pun&um

: dufte, reflos cum feftione-anguloy efficiunt.

+ VIT. Mlanum ad planum fimiliter inclina-

1 tum.efle.dicitur, atque altsrym adalterum, cum

~diftivinclidationum anguli. iates fe fuerint z-

uales. T '

7i V111 Darallda plana funt , que ingerfe .

~non conveniunt, PR s

- LN Similes folide figuens funt , qu fimili-

: bus planis continentur, multitudine gqualibus.

1. X AEqugles & Gimiles 5 folidw Agarm ps ,

ol R 4 quz
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- qud fimilibus planis multitudine & magnitw § b
dirs? zqualibus continentur, | T lu
L Solidus-angulus eft plurium quam duz | ¥
runrlinearum , quz fe mutuo contingunt , e |
-in eadem funt fupefficie ; ad omne§ fineasindi- |
 natio.- e e L
Aliter,

Solidus angulus eft > qui pluribys quam duo- | ¢
. bus planis angulis in eodem non coafiftentibus
plano s fed ad-uum pun@um conftitutis,canti |
petur, - 7 I
. X IL. Pyramis eft figura folida >planiscon- | g
prebena , quz ab uno plano ad unum punthn § «
‘conflituuntur, - - . :
© X I1L Prifma eft figura folida, quz planis | il
+ continttur,quorum adverfa duofunc & zqualis § o

& fimilia, & parallela 5 alia vero parallelogram- ‘f

‘ma. e . o ,
- X1V. Spharaeft , quando femicirculi m
‘pente diametro » circamdu@us femicirculns i
feipfum rurfus fevolvitur unde-moveri ceperaty |
citcumaffumpta figura. : .

- Lo nasTicorell. L

-~ Hinc-radii- omnes’a centro ad fuperficiem | ¢
fphzrzvinter_fe{ugtaqugl&s. S

¢ "XV. Axis autemfpheri ; eft quicfensilla | o

“reftalinea, circum quam femicirculus convest- &

tigge, - B L

X'V Centrum fpharz -eft idem-quod& 8

“femicfreuli. ¢ gl .
X'V IE Digmeterautem {phatz , oft refta it
-quiedam linea'per ddntrumduta; & utringue i Y
{phzra fuperficie terminata, LT
“+X'VELL Conus eft), quando reftanpolitr i
.apguli manente uno latere eorum, ‘quecr@ e §
- zh:m #gulds;tixcundaum erisogolum ip fo-
'Hﬁﬂf‘fdﬂ}!&{i’@"ﬂﬂﬁm junde moveri cegperats 1
di‘xéamﬂh}nmsﬁgma.-mgueﬁ quicfcensredta |
wEp - L] .7 7 ¢ linea .
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sgr linea @qtialis fit reliquz s quae circarefum an-
" gulim continetur , orthogonius eric conus ; fi
i VEFO ‘minor, a’mblyg\o'niu; ; fivero major , oxy-
e, "gonius. - - S
1w . X1X Axisautem coni, eft quiefcens illa ki-
nea, cifca quam triangulum vertitur. -
X X. Balis vero con eft circulus qui 4 circume
o duéta reta linea defcribicur. Lo
1%;}5’ "X X1. Cylindrus eft; quando refanguli pze
.z rallelogrammi manente uno latere eorum ,- quee
circare@um an§ulum, circumduétum parallelo-
;  grammum in feipfin riérfus revolvitur unde
4 ceeperat moveri, circumaflumpta figura. .
P~ "X XTI Axis autem cylindsi , eft quiefcens -
. illare@a linea,circym quam paraljelogtammum
5 convertitur, s L
5 - XXIIL Bafes vero cylindri funt circulid
' duobus adverfis lateribus , que circumaguntury
v deferiptii -
... XXTV. Similes coni & cylindri funt, quo-
rum & axes & bafium diametri proportionales
* funt. ' - e ‘
XX V. Cubus eft figura folida fub fex qua- |
dratis qualibus contenta. * -
, # XX VI Tetraedrum eft figura folida fub
' .quatuor triangulis ®qualibys &-wquilateris con. -
[ tenta. ... L. . 9 -
| r XXVIL O&acdrum eft figura folida fub
ofto triangulis zqualibus & zquilateris contéta, |
. XXV % 11, Dodecaedrum «ft figura folida |
. {ub duodecim pentagonis zqualibus & ®quila- ;
. teris & ®quiangulis contenta. . S ;
.. X X1X. Icofaedrum eft figira folida fub vi- f
:ginti triangulis ®qualibus & aquilateris conten- .
ta. :

e L

X X X. Pdrallelepipedum eft figura folida fex
figuris quadrilateris, quarum quz ex adverfo pa-

. rallel® funt, contenta. -
- ) XXXL So-

-
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X XX1I. Solida figura in folida figusa di¢t

tue inferibi, quando omaes anguli Agure infar

puz conflituuntur vel in angults , vel jnlat- | A

bus, vel denique in planis Agure, cui inferbi

:fim dircunfcribi dicitur quando vel aggyli, vl
* Jatera , vel denique plana figuree ciroumferipie

fur. o A l
XXXIL Solida figura folide figure vidk E
‘ 10g
. -vangunt omnes angulos figuracircayn gyam d- | £6

-.ft;@Bi(ur. e 168
- e ) P R O P I, ‘ :-

o s ’ . Rtﬂd i ,li)mér p;trr ghe-

. ... dam A G noneftin fubjelo
A F' plano,‘qu.edam"mrg(,j[;b; A§

g Jublimi. .
, —— E " Producatur A ¢infub- k
je@o plano ufquead F»
. .wis CB effein dire@um ipfi ACjergo dug relte
A By AF habent commune fegmepum A C.
west ,Q.F. N. ‘ o s}

" prewe 1L R
0 8i due refie linee ABs |13
. D _ BCD[e mutuo fecent, in k- CE

: _no l{{imr Plano ; anque wriah- DB.
, Houm omne | YEB 1 un0 ¢ .
LA T TG funa. WB A
" Pufaenim tidnguli DEB parteém EEGeflein | =

uno plano’; partem vero FUGB inaftero. ergo |
ge@te ED pars EF eft in fubje&o plano, pars ve- B

yo FDin fublimi, ¢ Q. E. A. erpo-¢riangulum By
‘EDB inun~'e plano, proinde & reft= ED.EB: Dy

. aquare & totz A B, D.C in Bgo plang exiftunt. ly
S QE D B cl b

prov, "p




" nproptored redi funt, - Eodem modo F E*cﬁ@ff.’a_ﬁkk

A = 7 fe mututg;ecent 5 Communis .
& corun fettio E T eft refla fi-
- e B ned. [ .
A —®  SiE F commuais fe&io

eoaelt reaahm » # ducatar in plago A B refta ® W91

- Liber XL 87
" Pror IIL L
__ SidnoplasaAB,CD

EGF, ¢ &inplanoCD refta EHF. dumigitur
se@t® EGF, EHF danduat fpatium. & QK. A p1qens,

" PrOP 1v.

Si relta linea EF seflis ,
duabuslineis AB , CDife  * *
o WtU0 fecantibus in comma-

C i feitione & od redtes angd-

dos infiftat + ille duBtoetiam . .-

per ipfas plano ACBDag o -
H angulos retos eri. R
Accipe EA , EC, EB,
~ED zquales , & junge re-
' &QSAC, B,BD,AD- .
per E ducatiir quavis re@a G H ; junganturque
FA, FC, FD, FB,FG, FH.. Quontam AE
¢=EB; &DEs=BC;&ang. AED b= teofr. . .
CE B, cerit AD.—= CB.cpanterque AG= /5. "
DB. dergo AD parill. CB, . 4:& A C parall, dfeb3q.0.
DB. ¢ quare ang. GAE — EBH. ¢ & ang. 9. 1.
AGE—=EHB. fed & AEf = EB gergo GE ﬁ;;;,'"
=EH,& ¢ AG= BH.quare ob angulos reos, 824 -
ex byp. & proinde pares ad E; bbafes FA ; FC 4 o,
F2, FDxquantur. ‘Triangula igitur ADES
FBC fibimntuo quilaterafunt , k quare ang: 28,1,
DAF == CBFE. ergointriangulis AGF , FBH R
latera EG , FH? zquantur ;. & proinde etiafii' 4.0,
_trianguls FEG , FEH fibi mutuo mquilatéry
funt.” mergo anguli FEG , FEH ®qualés at’

o

L

g

Oomuai-
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omnibus in plano A DB C per E dudtis ‘.rc&is

osdfer, lincis reftos angulos contlicuity+ ideoque eid;m

tplandrefa et. Q. E.D. ... .. .
. PROP V.- '
B8 Si velta linea ABreffistic
i ' i bus lineis AC, AD , AEfe
o WUUD tangentibus in commt
-V AGHG fetione ad restos angulesinf-
Gvered D Pat;illesresvedia in anofin
C' P Imﬂ. Rt
" Nam AC, AD 4funtin
" -uno plano FG. s item AD,. AE funtig unoplx
antt, .poBE. vis diverfa efle hec plana ; fie igitur eo-
ram interieltio b refta Agq, Qdoniam igite
" B A ex hypoth, pervéndicularis“zit telis ic.
equ, ADscadem cplano FC.dideoque refz AG per-
é34fn. péndicularis eft. ergo (fiquidem & « ABeft in ¢o-
dem cum AC, AE plano) anguli BAG, BAEre-
&y proindepares funt, pars & torum. QEA.
o gPROP VL- -,
8 \ C}' o Sidee vl linee AB,

b;. (158

DC eidem plans EF adre

o Ef . D os fint angulos ; parallile

I b | evant illevetalinee AB,
s\’ K , : ,GF«‘-‘ DcC. S :

s e Ducatur AD,cui inpls
“ po EF perpegdicularis fit DG = AB.; jungas-
vt utarque BD, BG, AG. Quiain triangulis BAD.
oiy. . ADGanguli DAB, ADG # rodi funt; atque
beff. t " ABE == DG 5 & AD communis et ; ¢ erit BD'
¢4t ==AG; quare ingriangulis AGB , BGDfibi
ats " a0 mquilateris 2ng. BAG 4= BDG ; quo-
L BAG te@us cum fit, erit BDG etiam re-

7 Gus. arqui ang. GDC re@us ponitur 5: erga te

Qa GD tribug 'DA5 DB, CD:reftaeft ; ¢ quz.

v

.

£

foul,

y un

\ i

e8. 1% o ideo inumo funtplano , f in quo A B exiftits -

_—r

-

B =&z
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. cum igitur AB, & CD fing ip uno plano , & an-

5 guli interni BAD, CDA rei fint; £ erunt AB; gatn.

i 'CD parallele. Q. E.D, - .

Pror VIL:

B
i,

U,"l.‘l

B .S due fint pavalleie relle
linee AR CD, in querase,’
utraque -fkmpia. fint queliber
. , pua&; E. > F3 iu;dlind‘: F, -
‘ - #e ad hec puntaadjungisar 5 e
‘ < 3 » an eodews eft com. pailldzi'r- plar
Vit 70 ABCD.

Plaaumin quo A B, CD, fecet aliud planom .
pérpuaéta B F. fi jam E Fnon eft inplano - -
ABCD , illacommunis fetio non erit. Sitergo .
E.GF. shecigitur re@taeft linea: dux ergo -
tefize EF, EGRpatium clanditatb Q.E.A. 3 2pems.

‘I.’ RoP VIIL

)

_ Si'due finf pavallele re-

. BelineeAB, CD, que

1 yum alterd” A B ad el <

" cuidam planoEF fis anguless - .

¢ teligue C D eidem pla-,

no EF ad rellos angales .

erit. cT o

.~ Adfcita przparatione & demonfiratione fex- -

' yx hujus 5 anguliGD A & G D Bre&li funt. _

. aergo GD refta eft plano per AD, DB (4inquo ;
etiam A B, C D exiftunt.) ¢ ergo G D jpfiC D g#1. *
oft perpendicularis s atqui ang, CDA etiani 4 re- ¢34,

uscht. ¢ ergo CcD P‘ﬂno EF ;c&a efﬂ. Q«_E. D.::’".:: -

) ) .

. S Prer -
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Pror IYX

- reltelinee E Fifant pardle’

E ] t d les fed non _iy{cod‘fm cun

C I O illaplews Be Juoque funtiv

ter fe parallele. )

-+ hmplano patalielarum AB, BF ducHGpei
pendiculasem ad EF. item a phario pasaltetarim

EF ; CI»duciG perpendicviarem ad EF. 4o

241t g0 EGredlash phinoper HG. I . eteoyy

€64  planobredafunt A H, & €L cergo AH, &

: Clpatallelx fune. Q. E.D. . ~ . .

.- Prom.X.
, . Si due relalinet AB,ACF
A mutuo tasgentes ed.dyas vefi ED
D F fewusna tangewies-fim parahen
| M, nom ausews in codem plevs., ile ame
ulos «quales (BAC , EDF) compre-

endpme: - o

" Sint AB, AC, D E, DFaqu-
Fles inter fe ,- & ducantur AD;BC»
i ' f.} BE , CF. CuwA B, DE

bp.&  afiot parallelz & aquales, b edam BB, A
oftr. arallelz func, & zquale_s;’. E gmym‘da_, E,
S e XD_ parallel® func, & aquales.tc érgp etiam JEs
0.1 F Cfunt paralfele & =qua es. {:AEquantur cfo
" BC, FF. Cumigitur triang iy BAC; FDPRbI
| mutuo xquilatera fint, angyli BAC, EDF¢2-
quales erunt. Q.E. D, I ..
- . - FROR XL ’ .
TN D kAR J:Mp%Ainﬁ&
R ¥ limé ad [ubjetiam ploww
NS ‘ V)" -Bcﬂqeg{&atanmnﬁﬂ

== A\ lineam A1 ducere.

QS E LC In plano B C duc

quamvis D E, ad quam

v

Fin
3o A_H_B- One(AB, CD)iln]®

e

Ip,
fer
iz

ex A adic pespendicularem AF. ad canden;: per
in
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o iber XL . C 278

F i;l plano BCh duc normalem FH. tcumad FH a0,

& demitte perpendicularen AT. eric AI redtapla- banu,

)y Gl
Fie
15 8
ik

ducfl

i
N

"
gyﬁn

iff
[UA:“

(ST A

BC.. .. - .
I‘.oNém per{ cduc KIL parall. D E: Quia DE 3iiig:,

® drefact «dAF,&F HyeeritDE re@a plano TS

IFA 5 adeoque &K L eidem plagsfreda et o7 iy,
g ergo ang. KTA refus eft. dtqui ang. ALF b eooftr.
etigm y rectus eft. 1 esgo Al plano BC re@a et ! %
(iE.D.'; - N N

.. Pror XIL

Lo

ISy

: L. : 1.1

Dato plano B C-d pumitor

B Ll Ajsquod :{: illo datum c]{ ,”3;

|1 [ seftos -angulos velfam lincam
Lﬁ._E.c_ AF excitare. ,

e i . A quovis extra planum.
pando. D ¢ duc DE re@am plano Ch & junfta au. s
ZAb duc AF parall. D E. ¢ peffyfcimmeft A 'F batv
plano BC eflameffee Q. E.Fy;”; , 1 €
- Pradlice perficiuntur hoc ;' & p"a:tgj:gns pto-
blema, f1 dux norm= ad datum Jum spyl-
cemturs ut patetex4, If. - T F A

i Pror XIIL o

D E__ .. Daoplano AB, dpunZe .
' ‘D, quod in illodarumefp;
duerelte linee CD,CE
3 ad reffos angalos nonexci-

“tabuniur. 4%: eadem pare
te. -
Nam utraque CD, C E plano AB#refta ef- 16.1%
fet, ezdemque adeo parallel= forent, quod pa-
rallelarum definitioni repugnat,

“

Pror




" EVCLIDIS Eleméntorsm

273,
f . Pror XIV. =
walesba . v, . Adqueplana CcD,FE
";3- halEE G v ',‘_eadem_‘qreﬁ'ﬂ Tinea A B wlit

SN
<N efb; illa funt payallela.
' ﬁSi nefgas,! plana CD,FE
E toncurrant - ita ut commi:
" nis fe@tio fit refta GH;
fume in hac quodris pu-
. @um I, ad quodin prop>
firis planis ducaptur reflz

Y
:./‘JJ';.‘" IA,1B. undein tn'anfulol AB; duo angli

bt IAB, IBAsreifine. b QE A
PRop XV, -
DN Si due refle lime AB,

‘A C.ife mutuo tangerttsy 4
c F diias’ re@as DE > DF [
¥ wiusus tangentes fint parelle-

“le , mon in eodem conffflentts.

Eﬂ " Planoy parallelafunt 5 grept
tlla dicuntwy , plins BAC»

. .EDF. .
s Ex A educ A G'ré@tam plano E F. Sintque
23 GH;Glparalldlz ad D E, DF. ¢ erunt hepa-
ds.dyins, rallelz etiamad AB, A C. Cum igiturapgli
fot IGA, HGA dfint rei, e erant etizim GAG)
sont. BAGredi. f ergo GA re@a eft plano BC ,'.,:iit%qtl
Big s,  cademre@aeft plano E F,4 ergoplany BC)

fune parallela. Q.E.D."

Pro?

Zxre -




Pror AVL.

) Si duo plmd parallch
w ¥ . AB, CD,plans quopiam
m . HEIGF fecemnr, coniimme
il . mesillorum felliones R H
u® GF funs payallete. - o
wht Nam fi dicantur non
ol . effe parallelz , cum fint
finp . in codem plano fecantd ,

cotryebientalicubi ,- ptita

in I. quare cum cotz
HEB’ FGI‘ rntll th'As, CDMI.!&”, at. .‘
etiam hze convenient; contra bypoth

Prer XVIE

44 “ Si due relte Wve- AI:D‘
<¥] cMp [ardlldu plaris EF,GH,
, IX fecenmy 5 jin ¢afdem vationes
10| feubt)mmr (AL LB: C M.

-

Ducantur in planis E ¥ I K

—tee 1z AC, BD. item AD

2 ecturrens plano GHin N;

g ' jusgantorque NL, NM. Pla-

I mag:lomm ADC, ADB faciunt fetiones

L BD,LN; & AC, NM « parallefas. ergo AL.. : "- l*-‘
EC I-B { R4 ANI ND’"! CM MD. QE»

"gfﬂr i

. I_"&J'o!".;‘

1
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§- EVCLIDIS Elementorum

PR ooPr X.VI_II;

Si vefla hini

oy
F. AB pland-,a;}im

Co—T1—f=| - CDadredoi frar ,

gwlos; & amnia,que

E H B e per ipfam AB plane
) . ] (EF’ J_(C-) mlm
: - A D plans CDad rels

S asgulos exant.
- Duum fit per AB planum aliquod EF , &
ciens'cum.plano C D feftionem E G ; & cujus
. .aliquo pun&o H , i plano EF 4 ducatur HI ps-
fall. AB. perit HI rééta plano GD ; pariterque
aliz quévis ad EG perpendiculares. ¢ ergo [3:
num EF plano CD re@um eft; eademqueratio:
pe quavis alia plana per AB duta plano EF re
“Raefunt. QB.D. - .
R SV D
SR e P )
Cn g . . | Siduo pland AB:
Ait . - - CD,fe mutuo feiar
N O A ol - tigyplang cnidam G
LLHL - X, ad seos fint onh
- i XB  los s communis euam

FxJ A O ﬂ[afgm[tﬂ‘iﬂﬂf‘d

G orus
v itn o, "v'-a D ~  pellos - eidems '[”d

S (GH)dngﬁIoﬂﬂ"i-"j

- Quoniamplana AB, €D posuntur refls
;lgno GH , patet ex 4. def. 11. 'quod ex pud

in utroque plano A B, CD duci poflit per
pendicularisplano GH; quz s unica erit ,

pKOPtegﬁ corundem planomm communis feétio-

Pror.

By
Y
3!!!

ay

tef

o



Liber X1 g
PrRoOP XX
) - Si folidus anghint. ABCD

; " #vibus  angulis planis BA D >
/ DAC, BAC contineatur 3 &%
. A 2 X his duo quiltbes , uent affumptds -
B F sertio funt majores. - .
Si thes dnguli funt #quales, patet affertio ; fi

inzquales, maxirhus’ eflo BAC. ‘ex guosaufer asj, &

¢ ,BAE—BAD ; & fac AD—AE ; ducanturque

BEC,BD) DC s ' o

Quooiam latus BA commune eft , & ADb— b ojalis
AE; & ang. BAEb—BAD ;¢ erit BE=BD. ¢  %.
fed BD+ DC 4 C~BC.¢ ergo DC—EC.cum 430, 8.,
igime AD == AE , & latus AC communeeft , ?."_'t':
ac DCc~ EC, erif ang. CADC—EAC. g ergo g4e4.1:
ang BAD &+ CAD =~ BAC. Q.E.D;

P rRoPr XXL
@ Omais folidus angulus_ fib
) . minovibus , quans quatuor refkis -

Bb» Ul angulis planis, continetiy.
S& Eflo folidus .angulus A §’
= planfs angulis ilum compo-
* -nentibu$ fubtendantyr re@te Tlin
. BC,CD,DE,EF,FBinu., *: :
nq pland ‘exiftences. ‘Quo falto “conttieuicur’ v
pyramis , ¢ujus bafis &t polygotum BEDEF ,
vértex A ; totque cin@d triangulis quot pldni’
anguli compopunt folidanmi’A.” - Jam vero quia’
duoanguli ABF,ABC s majores funt uno FBC, . .
i & duo ACB, ACD majores uno BCD, & ***
fic deinceps , emant triangulorum G, H, , K, L,
¢ircabafim anguli Gmul fumpti omnibus fimuf
dngulisbafis B, C, D, E, F majorcs. b fed angu- b ghn.
libafeos una cum quatuor_reétis faciunt bis tot
re®tos;quot funt latera, five quot triangula. ¢Er< ¢giw, it
go omnes triangulorym cirgc'a bafim anguli una

£ 13

14,
18,

-
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EVCLIDIS Klwentorim
cum 4 relis conficiune ampliys quam bis tot
reftos quot fung triangula. fed iidem anguli cir-
cabalim uaa cum angulis qui cempoaunt foli
dym, componuat &bis tot refos quot fimt tri

. angula. liguet ergq angnlas folidum apgulum A
o ADwtu quatuor reQis efe minomn
Q. E.D.

R Proor XXIL

A By
p&ﬂr

8. fug~ nt thes anguliplani A; B, BET, qumin
duo utlibey.qffumpss reli fing majores ; compre-
hendant autens ipfos vefhe liniee eqagles AD AE,
FB, &co fieripotefd, us ex vefdis lineis DE , FG)
H sequales. illas, velas comuientibus srigngln
copflivhgier. - _

gx ;i;. éon&mn ineu;lm&d{p?’ ﬁfdut
thet reliqua majores. exiftane ; fed saferes,
ggbq';..Naml&u ang. HCR.—= B, &Cx=~CH,

ducenturqus HK, IK. ¢ ergo X H ==FG; & quiz
1g. XGl e exit KT &= DE. fed

aing. KCId - A -
}ff -+ KH( FQ?)‘c;gg DE 2 HI~+FG. S

mili argumento quavis dua, reliqua majores

endentus ; &prainde ex iis triapgulum s o,
parl Q. B, R

Proy

S oy A

X

1] "2 o ' M =1 7 e s

-
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Tiber X1 113
Pror RTXIIL

Bx tribuy angalis planis A, B, Csquoruss dus
quonmodotanyuet wllumpei veiiquo funt ajorts  folf- S
dum angsium MHIK confishere, * Oporses autetn * *W%
illos tes angulos quatnoy yeikrs minores ef2.

Fac AD, AE,BE; BF, CF; CG =zquales
inter fe, Ex fubtenfis DE; EF, FG (hocég, -
ex kquaﬁb[l‘ Hl; ‘K, KH) Jfac h‘iang. HKI. » ‘,g_]]_q
¢irca quod b defctibatur citcilus LHEL * Qgo- ;‘3 .
niam vero AD T HL; ¢ Gt ADq = HLg - 554
LMq. 4 fitque LM re@aBlano cieuli HKY 5 & viow.

ducanttir HM, KM, IM. Quiobiam igitur adp: Fo i
HLMe reftus ett 5 £ erit MHq == HLg < LMq e3.df 02
g = ADq, ergo MH — AD. fimili argumento faﬁ,i,
MK, ML, AD (id ¢R, AEs EB ; &c.) zquantur;
c;ﬁo cum HM—AD, & Ml — AE; & DE b= :'.'ﬂl!’-
kerit ang. A — HMI;# fimilicer ang, IMK* ™"
—h & ang. AMK == C. Fadlus elé igitur
angulus folidus ad M ¢x tribus planis daris.
QE. F. Brevitatis caufd affumptur eft , cffe
AD = HL , id qued in variis cafibus demen-
firatum vide dpud Clavium,

83 . PIOE;
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EVYCLIDIS Elementoruy

P ror XXIV.

D

F.,'

lela AG; DBs facit feftion

8¢ folidum AR
Pparallelis planis o
tineatnr 'y adverft
illins plana (AG)
DB, &) parde
gramma funt finls
o equalis. -
_ Planum AC &
cans plana panl

es' AH, DC paralle

Ias.Eadem ratione AD; HC parallelz funt. Ee
go AI_)C!‘! eit parallelogrammum. Simili argu-
mento reliqua parallelepipedi plana funt b pa-
rallélogramma,Qisum igitur AF .ad HG, & AD
ad HC parallele fint,c etit ang, FAD = CHG;
ergo ob AFd—HG , & AD4d—HC ;s e
propterea AE. AD :: HG. HC, triangula FAD,

GAHg fimiliadunt & b 2qualid ; proinde &pa-
rallelogramma AE, HB fimilia funt & & zqus-
Tia. idesaque de teliquis oppefitis planis oftende:

" tur, ergo, &c.

c

D F

Si [oliden

dum ABCD

[ ]

plapo EF feet

K

/V planis AD,BC

AE B

parallels 5 erit
K quemadmodum

bafis AH adbafim BH , ita folidum AHD ad folis
&m BHC. ' o

" ConcipePpp. ABCD produci utrinque. ac-
ipe AI==AE, & BK — EB ; & 'pone plana

¥

1<% KP plasis AD; BC paralicla, - parallelo-

grammd

P parallelepipe-

wr  adverfs

£ . DR ©F D TR

-

¢
b

e
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s .- Liber X1 " ¥
. gramma IM,AH, s & DL s DG, & 1Q, AD, 136.5. &2,

V. BF, &c. 4 fimilia ac qualia funt ; ¢ quare Ppp. s ,: "

. AQZ=AF; atque cadem ratione Ppp. BP = c 1def. 11,
Sifis  BF.ergofolidalF , EP folidorum AF , EC x-
dirfs” quemulriplicia funt , acbafes 1H , KH bafium P
e AH,BH, Quod fi bafisIHRC =, "9 KH de- 334,10 %
ot rie fimilicer folidum 1 ==, ==, A EP.spedin. ¢64ofs-

k)k  de AH. BH :: AF.EC, Q. E.D;’ A
mif  Hec eadems omni prifmati accommodari poffunt 5
e wpde 0T . T
il S corall. ) .
pang Si prifima quodcunque fecetur plano oppofitiy 7, . %
Mp  planig parallelo, fe@io-erit figura ®qualis, & f1s, o

et milis planis oppofitis. - .
' . PRron XXVI

Ad datam ye .o

. Bamlinam ABy,
. v ejuﬁ]ue P“ﬂ&m S e

A conflitiere an- :

oghlum  folidums

£ AHIL, equalens

" F  falido angulodato

- N CDEF. . ¥

w . Apunfoquovis F o demitte FG plano DCE s e, 1,

i . reftam ;. ducanturque reétx DF, FE, EG, GD, .

it €G.Fac AH=CD,&aog°HAI = DCE. &

A= CE; atque in plano HAT, fac ang. HAR

;' ==DCG, & AK = CG. Tum etige KL refam

4 - planoHAL, & it KL = GF. ducaturque AL. ** 1

¢ . .crt angulus folidus AHIL par dato CDEF. ~ ~

w  Namhujus conftru&tio illius sonftitutionem pe- |
i nitus mulacur, ut facile patebit gxaminanti, ers |
go fattum, ! .

-
) :

S 4 r k.p TESS



| '_;ge’v EVCLIDIS Elesentorum
- PRoOP 'XXVIL
‘_‘ o L . . p A data ne
SR A T "~ /] linea AB, dmo
3 — Jolide parallce:

- {;}ed} CD [

. ‘ & fimiliter po-
oy F ﬁ"mm arallelepr
S~ pardlieep-

[_ A B G- | . {edam[AKde[ai-

: ere.
Exangulis planis BAH , HAI, BAI, quiz-
uales fint iyﬁs FCE, ECG, FCG, a facangu‘
Jum folidum A‘folido C parem. ~ irem b fac FC.
CE::BA.AH.bac CE.CG :: AH. Al unde
erit ex 2quali FC.CG:: BA. AL;) & perficiatu
Ppp- AK. erit hoc fimjle dato. |
Nam per conflr. Perad BH, FE ; 44 HI,
EG; & 4BI, FG fimilia funt , & ¢ borum ideo
appofita illoram oppofitis. ergo fex plana folidi
AK fimilia funt fex planis folidi CD. fproinde
‘AK, CD fimilia folida exiftunt.. Q.E.F.

PROP XXVIIL

© Si folidum parallelspi-
5 \/B pedum AB plan’;i FGCD

o N Jecerar per diagonios DF
', F S ./GCG adverforam  plano-
T 1<, rsmAE, HB,bifaien

' A ' H Jecabitay folidnm AB &b

S T ipfoplane FGCD.
. Namquia D€, FG I;qmd“ & paralldlz
'{;;_ w funt 4 B I:plamun_ﬂi GCD eft Pgr. & propter
s PgraAE, :

- angula AFD, HGC, CGB, DFE gqualis &
: " fimilia funt. Atqui PgraAC, AG ipfis FB, FD
setiam zqualia & fimilia fune. ergo prifmatis
_ FGCDAH omnia plana 2qualia funt , & fimi-
lia plani omnibus prifmatis FGCDEB;& pro-

P91 nde hocprifma illi zquatur, Q. E.'D.
Hadg ioc pralma Bl zqu o Pror

HB ®qualia, & fimilia> b etiam tri-

1
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Liber X1, aft
P Rop XXIX. -

D I _K
=
&
F M
A ¢

. Solids barallelepipeds AGHERBC D,

AGHEMLK I fuper eandem bafim A G H B

conflitusa, ¢ * in eadems altitndine ; quorum infi- "U'ff"‘"’
G

tentes linee A F, A M in iifdem collocantur refbis perellela ple-
I"’fif AG . Atd " ns AGH E,
» W AG, FL, funtinter fo aqualia, FLKD. &

[equent,
commupe auferdtur prifma , 10 def. 11
NBMPCT, addaturque utrinque folidum :;‘W a'n
AGNEHP , '} erir Ppp. AGHEFBCD = bJ,
AGHEMLKI, Q.E D. : :

P ror XXX

yim lf(e:xl(. Zqualibus pri(matis AFMEDI , e ineelite

K L
' e
[ F /l '/N'
: B
LS o Jo

A '
 Solida paraliciepipeds ADBCHEFG ,
! AD-
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EVCLIDIS Elewentorym ‘
A PRoe 'XXVIL

p A data vk
/1 linea AB, b
Jolidy pasallde
Pipeds CD [
F le & fimiliterjr

Sfiewm pavalelpi
{edam AKdefeie
. ere.

Exangulis planis BAH , HAIL, BAI, quiz.
quales fintipfis FCE, ECG, FCG, s facange
1um folidum A’folido C parem. item b fac FC.
CE ::BA. AH.bac CE.CG :: AH. Al(cmd
erit ex 2quali FC.CG :: BA. AL;) & perficiant
Ppp. AK. erit hoc Gmile dato.

Nam per conﬂp PgradB HJ FE ; 4&HI,
EG; & 4BI, FG fimilia funt , & ¢ boram ideo
appolita illorim oppofitis. ergo fex plana folidi
AK fimilia funt fex planis folidi CD. fproinde
'AX, CD fimilia folida exiftunt. Q.E.F.

PROP XXVIIL

e r-'—"—— i folidum paraliclic
D z { 5 [edtm{ AB plan’Q FGCD
S

Secetur per diagonioss DF>

i 7GcaG adw/ﬁm lano-

© . }¢, remAE, HB,bifeian

. ﬁ H Secabitar folidsm AB db

1410

3 n

x

. ipfoplana FGED.

"+, Namquia DC 5 FGygquales & paallele

funt 3 b plasum FGCD eft Pgr. & propte

& Pgra AE, HB xquali, & fimilia, b ettam tri-.

angula AFD, HGC, CGB, DFE gqualia &

- Kmilia faot. Atqui Pgra AC, AG ipfis FB, FD

o

1

setiam 2qualia & fimilia funt. ergo prifmatis
FGCDAH omnia plana zqualiafune , & fimi-
lia P];ni,g ognnib.us.pnfmatis FGCDEB;& cpror
inde hoc prifma #li zquatur. Q. E. D.P
o . - - RGP
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iy CD.PVaa ,::pgr. Ca(PRBZ.) D ::P[,;P; e1s. 1y,

5
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.

o
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PRBZQVIF s =PR VQSTYX 4= AB.

Q.E.D.
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confle.

Sin Ppp® AB, CD latera bafibus obliqua ha-

‘beant ; fuper eafdem bafes, & in egdem altitudi-
ne,ponanturparalielepipeda, quorum larera bafi- ~ :
bus fint re@ta. * Eainter fe, & obliquis sequalia kg re.
exunt ; » proinde & obliqua AB , C D zquan~ ™***¥
tur. Q. E.D. .

<

A

Pgoer XXXIL

A

B

Cp—rr K
/

T

B

ol

L/l‘—hN

Y,
i -

- Solida parallelapipeds ARCD., EFGL fub ea-

- dem altitudine, inter fe funt at bafes AB, EF,

" Produfta EHI, & fac pgrF1=5AB: & beomiple 248 1.
FLNM. Liquet eflc Ppp. FINM. bji &

Ppp

| (<ABCD.)EFGL4:: FL (AB) EF. Q.E.D." §iuiy
Prop XXXIII - -

‘C

Q8

- Similia folida paral
lelepipeda , ABC Dy

B NE - EFGH, furer fe funt
N

_in riplicata rationd
P bomologorum larerum
. Ah EK.

V

¥ Producantur re@=

¢

AIL, DIO , BIN.

T

w & e ﬁ_ant iL, IO, a" v
IN jpfis § K, KH,
KF zquales,badeogque b »7. 1.
T &

[
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EVCLiolS Elemenoizs
& Ppp. IXMT =q. & €im, Ppy° EFOR
¢ Perficiantur Ppp s 1XPB , DLYQ, Iraque‘e
“TitALIL, (EK):DI. 10 (HK) :BLIN
(KF; ) hoc eft Pgr. AD. DL :: DL. IX:
BO. IT; fid it Bpp. ABTD. DLQY:

. geonfr. - DLQY.IXBP::1XBP. IXMT. (g EFGH)

: ,‘"*’ % bergo ratio ABCD ad EFGH wiplicata ef e

tionis ABCD ad DL QY , * vl A1 «d K.
QED. - :

: Coroll.
“Hiuc, fi fuerint quatuot line® reftz continet
proportionales, ut eft prima ad quartam, ita et
* paralfelepipedum foper primam  deferiptum o
parallclepipedium fimile fimiliterque deferipus
fuper fecundam. o

Pror XXXIV
« Equalivm fo-
/ E lidormzt parallele-
A K
pipedori ADCBy
€ ! EHGF ‘bfs
‘ yl 74 o altimdin& ;;
1. ciprocapntar (AD.
A E ,EPH :: EG
: o AC. ) Er qu-
vims folidorum pavallelepipedorum AD'. B , EHGY
bafes ‘&~ alritudines rveciprocamur, ilia funt &
qualia. « ‘
Sine primo tatéra CA , GE ad bafesreéla ; fi
jam folidorum altitudines fint pares » etlam
«bafes mquales erunt. & res clara eft. Sin ahit-
dines inxquales fint 5 3 majori EG « detrabe EI
= AC. & per I dduc planym 1K parallelum
baft EH. itague ,
1. Hyp. AD.EH ¢ :: Ppp. ADCB.EHIK 42
Ppp. EHGE. EHIK ¢:: GL. 1L e:; GE. IE.
(7AC;) g liquetigitareffe AD.EH :; GB. AC:
Q.E.D. ' 2 B

L]

pe
Ie

P

1
i,

b

e Ow 2




‘  Liber XI 28¢
., 2. Hyp. ADCB.EHIK 5 : AD.EH ;:thpm,

g EG.EX1:: GLIL m :: Tpp. EHGF.EHIK, }7% *
1 nquare Ppp. ADCB—EHGF. Q.E.D. ms 15
')', Sint deinde Jateraad bafes obliqua. Erigan- 39,

;i tur fupet iifdem bafibus,in altitudine eadem, pa-

! rallelepipeda sefta. Erunt obliqua paralielepi-

1[" peda his zqualia. Quare cum hazc per x. partem

" reciprocent bafes & altitudines » etiam illa recis
't procabunt. Q E. D.

- Coroll.
s Quede pavallelepipedis demonfirata funt Brap.

i 295305 31, 32, 33 344 etiam conveniunt prifman
sis triangularibus ; qua. funt dimidia payatlelepiper
- _day ut paret ex Pr. 18, Igitar,
b;' - Prifmata triangularia zque alta funt ug
es. ‘ ,
- 2. -8 eandem vel @quales habeant bafes, &
i eandem altitudinem 5 ®qualia funr.
¢ 3. -Sifimiliafuering, eorum proportio tripli-
; vcataef proportionis homelogorum laterum.
. 4 Sizquahia funt, reciprocant bafes & alti-

o tudimes. & fi reciprocant bafes & alcitudines, &
[ qualia erunt. .

TR

Pror XXXV
Si fuerint dud .

D
c . plani  anguli
IN. BAC, EDF
M equales . quorum
S

wersicibus Ay D -
fublimes refe
2 lines. AG, DH
infilant 5 que cucn lisseis prima pofetis angulos conti=
n;(;m qufus,mmq; ufriq; (ang. GAB—HDE;
& GAGC=—H DF.) infublimibus antem Lineis
A Gy DR gudlibe fumpsa_fuerint punita G, l:;

Bed

i
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EVCLIDIS Elethentorum ‘
@ abbisad plana BAC; EDF, thiguibui e
ftune anguli primum pofiti BAC , EDF ; duftefv

© evint perpendiculares GI, HK i  phintlisuerol X

- queinplanis & perpendicularibus funt , ad angrln

" primum polites. adjuncte fuerine tefe lince Als

8. 1.
Y 3. def 1.

> 47. 1.
1 48. ¢

4773

f26.1,

41
13, 9% I\.

116 0.

41
neerflr,

g &
8.

m

LK; be cum fublimibus AG, DH equales angilt
GAM, HDK comptehenderit, .
Fiant DH, AL »quales , & GI, 1M panl\e-
Iz; & MC ad AC, MB ad AB, KF adDE,
KE ad DE perpendiculares , ducasturque tefiz
BC, LB, LC, arque EF,HF, HE ; # eftquelM
re€a plano BAC ; b quare anguli LMC,1Mb
LMB; eademque ratiouie anguli HKF, HKD,.
HKE re@i funt. Ergo ALq ¢= LMj-+AMq
e=LIMq~ C Mg+ ACy¢ = LCq+ACY,
dergoang. ACL reftus eft. Rurfus ALge=
LMq -+ MAq ¢ = LMq— BMq +BAqe=
BLy—+ BAZ. 4 ergo. ang. ABL etiam re&_ug
eft. Simili difcurfu anguli DF &, DEHiedli
funt; fergo AB==DE; f& BL—EH; f&
AC=—DF; & CL = FH. g quare etiam 3C
— EF, ¢ &ang. £3C = DEF g&ang ACB
= DFE. undereliui é recis angufi CBM,
BCM reliquis FEK ,  EFK Zquanur. k ergo
C M.= FK; 'ideojue & AM = DK. erpol?
ex LA} m= HDg. auferatur AMq=DKq»
» remanet LMq = HKq quare trigona LAM,
HDBK hbi muryo aquilatera fung, ¢ergo ang:
LAM=HDK. QE D. . . '

. Coroll. o
Teaque fi fuerint duo anghli plani qualesi
norum verticibus fublimes rete lince zqus-
Jes infiftanty quae cum lineis primo pofitis angu-
los contincant aquales, Gerumque ntriquéjennt
4 pundlis extremis [inearum fublimium ad plana
angulorum primo pofitorum demiff perperdi-
tufares inter fe 2quales ; nempe LM == HK «
v ~ { P R o "‘




Liber X1. . 287
Pfor XXXVL

2k N

g Sitres refe Ui
' H Nﬂtl DE) DG, DF

8 ‘ ™ proportionales fubs
\ dintyquodex his tri

I ;
{‘.lw : "i bus fit folidum pa-
) E 1 K ralielepipedum B

o M, egualeeftde-
feripto dmedia linea DG (IL) folido parailelepipes
w90 1N, quod equilaterum quidem fit , equiangulum
14 vero predifto DHL - - - . . .
. Quoniam DE.IKs :: IL. DF; ¢ erit pgr. LK ;?4’.6.
f: = FE. & propter angulorum planorufn ad E & ‘
- baclinearum GD,1M zqualitatem, ctiam alti- |
. tudines parallelepipedorum wquales funt , ex
. coroll. przced. c ergo ipfa inter fe 2qualia funt. €5t 1%

. QE.D.

L
i3

Pror XXXKVIL

z

BHg

A( . B . c B '
i quarnoirellé linee A, B, C, D propestiona-
"It fuerint , o folida pavalielepipeda A B,C, D
v quaabipfis & fimilia, o fmiliter defcribunturs
proporiionalia erunt. Ex ff folida parallelepipeda ,
que & (imilia , & fimilitey defcribuntnz ,” fueving
i proportionalia (A.B i C.D.) & ipfe refle linesd
¥ A,B,C Dproporsionales erant, )
# - Nam rationes parallelepipedorum a teiplicate . .,
#  funt ratiooum , quas habent linew. ergo fi AB %11
## i C.D.berit Ppp, A. Ppp. B 13 Ppp; C. Ppp.. '
* B, & vice verfa: . ) o
‘ 2 ProP

L
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" EVCLIDIS EKlementorum

Pror XXJAVIIL
o i
. ‘ad  plamom A

A ~Neg  © relim furt, 0

N —\Cab aligno puri]

E eoum , g

Jant iw wmo pleworum (A BY ad alteram plevs

AC perpewdicularis EF dulla fuerit , in planns

commmmenn fellionem AD sades duBa perpeniicn
barisEF.

Sifieri poteft, cadat F extea interfefionen
AD. I plano A€ educamit FG perpendiculs
risad AD> ] urque BG. AngulusFGEdr.
Qus eft; & EFG reftus ponicur. erdo in triangs:
lo EF G funt duo angulirefti. Q.2 A,

PRoP XXXIX

- S folidy paraliele:

| pipedi AB 5 tmm

) L :p{c ex adverfo plaso-

' ¢ ramAC, D Blawm

IF N K (AE, FC, AF, EG,

H & DH,GB, DG, HB)

bifaviam feita fins; po

eliones antem plemt

1LQO , PKMR fist

extenfu; planarsm con-

munis feltio S’I?, & [olids pavallelepipeds dimmeret
A8, b fariam femusuo fecabune.

- Ducantur reéte SA, SC, T, TB. Propeer
alareraDO, OT lateribus BQ. QT, b angy-
lofque alernos TOD> TQB =quales , ¢ etiadk
bafes DT, TB, & aoguli DTO , BTQ aquat-
tur. dergo DTB eft refla linea, evdem mode
ASCreftaceltlinea. Porro ®tam AD ad FG»

P A N N

4

equan PG ad' CB; f ideoque AD ad CBiga¢ '

proinde £ G ad DB paratlele & aquales funtt
h-guare’

i

A

~

~~ . M "=
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e B3y ™R R & O

¥

bquare A B,& S T in ¢odem plano A BCD exfi- b7

aw e mm Mt at Sw WRLIOIR

NS 2
Liber X1 189

ftunt. Iraque cum anguli AVS, BVT ad verti- ;

cem, & alterni ASV, BTV &quentur; k& AS kynedic |

=BT ;erit AV == BV 5 ; & SV = VT, '6*

Q.E.D.. S IR
L Covoll. = o
Hinc , in onini parallelepipedo diametri om-. .

-

-hes fe mutuo bifecant in uno punéto; V.

‘Pror XL L
O K N .‘ . 'Q: T
ELiiR/ / Aﬁ

A BG H o

Si fuerint duo prifmatd ABCFED, GHMLIK
equalis altitudinis,quoriim boc quidems habeat bafins
ABCEF parallelogrammum;ilind vero GHM trian~
gulum ; duplum antem fuerit pavallelogtammen

“ABCEF triangsli GHM ; eqnalia erint ipfa prifs

mata ABCFED, GHMLIK. L
Nami fi perficiantur parallelepipeda AN,GQ,. |

g eruat hec equalia obb bafium AC , GP, & ) 5t

é altitudinﬁm&.zqg.alitatem. dergo etiam prifma- Mj‘,,;
ta, ¢ horum dimidia, zqualiaerunt. Q.E.D. s "

Schol. §1.ex8 J

{

* Ex haftenus demonfiratis habesur J}‘mmfz’o pri- duds d0is

[matum sriangulavinm , & quadrangulavium > fens
}l:arallelépipedafnm > f nimivum altitndo ducasuy in
affm. : ‘ .
_ Ugfi alticudo fit o pedum, bafis vero pedum.
quadratorum 100 (menfurabitur autem bafis per
fch. 35.1.vel per 41, E.) m%ltiplica Ioo per I'g‘;’ _
i pre-



EVCLIDIS.: Elsmentorum-

- proveniuat Tooo pedes cubici pro foliditateprit.

matis dati. -
* Nam quemadmodum re@angulum ita & pa-

rallelepipedum re®um producitur ex altitudine

dultain bafim. Ergo quodvis parallelepipedum
producitur ex altitudine in bafim dua, ut patet
ex 3 I. hujus.

Deinde cum totum parallelepipedum prods-
catur ex altitudine in totam bafim, femiffis ejus
(hoc eft prifma triangulare) producetur exalti-
tudine duain dimidiambafim, nempe tria-

gulum, - o
Nota,littevavum qua defighant angulu folidum

primam e([e femper ad pun&lim; in quo efunghis;
ditterarum vero que deibtanspyramidem; wliman

" effa ad wereicers pyvamidis.
pua-

Exi gr. Angulus folidus ABCD eft ad pus:.
Gum A;pyramidis quoque BCDA verrex eftad
Ay & balis riangulum BCD.

118
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L1B: Xik

Paror L

Ve funt in Giveulis ABD, FGLpobigo ©
ne fimilia ABCDE , FGHIK yinter
fe &um; ut guadrata & digmetris Al
F R .

Srpe? Ducantur ACY, BL, FH ,GM:
Quoniam 4 20g.ABC=F GH, # atque AB. 3C § 184
:: FG.GH, berit ang. ACB (¢ ALB) = FHG ca1 5.
(c TMG.) a’ngnli qutem ABL, FGM d refli , -ac :’:‘," 1
proinde zquales funt. ¢ ergo triangula ABL .fir.e &
‘FGM zquiangula funt. fquare AB. FG 3 AL, lﬁt
;':[ad g.61g0 ABCDE. FGHIR :+'ALg.

¢ - o

covoll,
Hinc (quia AB. FG3: AL: EM:: §C.GH,

&c.) polygonorom fimilium- ¢irculo infcri )
um 'P;mlasxtus funtue cﬁam_g'gti; peé= 5;{.“

Ti ' rEon

Pt i

o



j“ 3 192 EV CLIDDZXS Elementorum
4 t .0 Ps':. Il

X
u A

L 4 b q
; PR o 5 ' .
b : Circkli ABT 5 BEN inter o i
. » jzm, gicemadmodum quadkasnd / 1
By diametris AC, EG.

t ! , . Ponatur ACq. EGq ::circ,’ 7
. ABT. I. Dicol = circ. EFN. @
l i df&EFN,

_ Nam primosfi fieri poteft, it 1 !
fieque exceffus K. Circulo EFN. infcriba®
1| ¥, quadratum EFGH ».« quod dimidium ef &
] .. - cumfcripti quadrati,adeoque [emiqrculo majus
¥ 505" .. pBifecaarcus EF, FG,GH, HE,. &3"1’""‘?
i . bife@jonum jumge -re@as EL, LF, & P
ofib. 471 Buc tangestem PQ (¢ qua ad EF paalidach)
. & produc HEP , GFQ_; eftque triangulun
401, ELF ddimidium parallelogrammi £PQF, adeo”
que majus dimidio fegmenti ELF ; parite/™
teliqua triangula ejufmogli reliquorum fegme
torum dimidia fuperant. E¢ fi iterum bifeceo™!
carus BL ;LF FM, &c. re@aque adjung™®
_ -tuty eodemmoxlo. triangula fegmentorum {‘mu;
- fes excedent. Quare fi quadratum E!’GH
‘7 circulo EFN , & ¢ reliqurs fegmentis triaogt’?
81,19, detr’ghantur, & hoc fiat continuo , tandem €™
Mtabit magnitudo aliqua minor quam K- !

ufque perventum fit y Aempe ad fegmenta EL,
LF, FM, &c. minotaquamK , hmul fum

e
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i - L lilm XI( oL 293
pta. ergo I (f circ, EF N, "K)T"Jpa]y 5. a-';.'_

ELFMGNHO (circ.. EEN = fegm.EL *LP .
&c,) Circulp ABT infcriptiim g purafi fimile po- gjo.3.¢
Af lyionum AKBSCTDLYV. itaque ‘9w g ot

BSCTD V. ELFMGNHO b & ACq/apum,
1™ circ, ABT. meric polyg. ELFMGNHOi?::'.'

ﬁ EGgh:: circ. ABT. Lacpolyg. AKBSCTD
3. [qrfprms erat 1 ‘ZI,ELFMG NHO. . =,

| Tepugnant. :
Rurfyg ﬁﬁeupote& f tIL" circ: EEN,
onmaml itur AC EGy" i:.cicc. ABT, 13800
inverfs - circ. A%’ﬂ 1EGq. ACq poaels
gire.. Al T" circ. EEN. K.
::" K."?atque EGq: ‘:Z\Cq s circ. BF N Qu e
repugpa:e mo&o often{fum eft. . .
Ergq gondudendum q(!,quod I= Csrq BFN
s rall,
Hmc, ut circulus eft acrci:culum !ttpébnto&-
nuaiigillo defcnptum adffwle polygonum:m
hac de{cuysum. i e DA

b u\

'\'\J\ S ) C.W\\

=]

TR oL ']

P R0 Fudlk o3
e

A Omnis p_ymmu ABDé
7/ triangularem habens ba.

fim, dividitar in duas
G yemides AEGH, HIEG
aquales &~ fimiles . inten
A fe s zrmngularcr babentes
B” F D 44fes > & fimiles soti
ABDC ; & in duoprif-
mata equalic BFGEIH ; EGDIHK ; gue dﬂa
prg'%dg majora’ funt dimidio totius * pyramidis

E

Latera pyramxdxs bifecentur in punétis E, ¥,
l-} § junganturque re&= EF, FG, GE,
ELI ,FK,KG GH, HE. Quoniam latera

T3 pyra

10.ergo cu'cA Aﬂ'}.‘ o014 ; .

»
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/ ;’ 254 EVCLIDI1S Eiewentorum
A gﬂbidfs prépoftioffalitet fefta funt ;s erunt

| P& HI;AB;&GE, AR &IF,DC; jeqne HG
< ¢« DGy &e.parallele ,"Bpl’oinde& i, FG, & GH,

: I © 7 FA parallele funt. Hquer igiruftrﬁ' uls ABD

"1 bags. AEGYEBFEDG, BIKY zquianghls cffe; &

f fqi{atuo: ultitira ¢ sau’a’ri; eodem modo teidbgult
#i6. & KCB, AHE; EIB, BEC, FOX aquiangula fuy

" &quatuot poftrerhdinter & ‘mquaka. fimili
triangula BEL, EDK , JKC , EGH ; % dea

! _, . triabguls AHG, GDK, HKC', EFI, finilia fut

! "' &'mqualia. Quinetiath triling. HIK ad ADBE

j "EGM 4d BDC, & EFf'4d ADC , &Foid
: -~ ABC # parallela fant’E quibys perfpitue fo

BN 1778 | AN wt‘iﬂldj PYI‘IM?&CS"A’;GH S HI c :

» 10, dfar. efle; totique ABDLC3 & inter fe ¢ fimles. nde

" {elidaBFGEIH ,, FGPIHK prifmataéfles & |
uidem @que alta,nempe fita inter pasilielzplé

'naARD, :m(. ve;u‘gl"bhﬁs BFGE bafis I;ff

fa.0x:8. fmc - q’n‘m 3 3 "ﬂﬁn“a mlﬂ’ of,

B4 quomm alterpmi DFGEIIglxyyfamiﬂ&BBF‘)}“'

et AEGH majus eft, totum fua pare; pro
duo prifmata majora funt duabus pyxan_udxbw:
totiufque adeo pyrkmidis A BDE dimidiym ¢¥:

fedgne QB D,

X : 2o\
i . o\
I3 i J .
; RV
- oo LT e
i ‘.i-‘-\ ‘
, 1.7 AR s
DT - pror
IS hdee
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Liber X11, -

Pror 1IV.

3 o RN
Si fluavint due pyyamides ABCD'y EFGH ejuf-
Jmlxﬁiuw;g{tngulambsl&'m:i bafes ABC,
EFG; [t aubom illarum utraque divifa & in dnas
Pyremides (AILM;MNOD; & EPRS ; STVH)
aquales inter fe , o fimiles sotis & in dwo prifmate
equalia (IBKLMN, KLCNMQ s & PFQRST,
‘QRGTSV;) aceodems modo divific ke wsruquepy-
‘yamidum, qua ex [uperiore divifione natefunt s id-
-que femper fidt; erit ut wnins pyramidishafis 4d al-
serius pyramidis bafim  ita & owmia , que in un
pyramide, prifusata «d omnia , quain alterapyren -
mide prifmasa, mslvitudine equatin.
Nam (adhibendg conftrultionem preceden-

tis) BC.KC a:: FG. QG. begoo triang. ABC a1g.5

eft ad fimile riang. LKC , u EFG ad cfimile & %%
RQG. ergo permutando ABC. EFG d:: LKC: diss.
RQG & :: Prifin. KLCNMO. QRGTSV (nam /534 1
hzc zque alta fune) £:: IBKLMN. PFQRST, gu.§."
g quare triang. ABCL EFG:: Ptifm. KLCNMO -
EBK}ISMN. Prifm. QRGTSV —~ PFQRST.

-E.D, = U
- Sin ulterius. fimili pa&to dividantur pyrami-
des MNOD, MELM 5& EPRS , STVH , erung
quatdor nova prifmata. hic effeta ad quatuor
’ : T4 ithip
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EVCLIDIS Blewentorum
midxs prépomoﬁaﬁt&r fels ﬁin& , “germet |

DC,( &c parallele ; romde %Rt ,& GH,
X palele e, e giur for Am
b1g 1. AEGi EBF, FDG, Bk ¥ aqtﬁéngu]a effe; &
qifatuor wltitra ¢ 2 a uiiri: ebdem modo titaglt
s ,KCE: AHE;EIB, XC, FGK zqulanguld{n%
: &quatuot pofteerhdinter fé ‘mquaia:
3gula BFI,FDK, JKC, EGH’ &ﬂtm”
ula Aﬁé, GDK, HKC, , EFI findilia foor
& uaha iretintty mung HIK ad ADBE
id BDC, & EFI'ad ADC , & FoKA
..o ABC 4 yaraﬂels fintEx mbus pe uc {qﬂl'
g b Mﬂﬁa, pyrzmi'dcsﬁdg
» 0 dfin. efle; toti ueABDL, &m:er fet ﬁmiies.

" felidaBFGEIH ; FODIHK prifmats efes &
_quidem ®que alta,nempe fita incer parillelplt-
naABD, g—nx ve;um Bafis BFGEbag: I;Df

fa0x8. fduﬁme - quiredicts prifiiata 0
B4 quorym slteruai BEGEIH: yyrmﬁ&ﬂ;
eft, AEGH majus eft, totum fua parte; pro
duo pri{mata majora Tunt duabus pyramidibus)
totxufque adeo-pyrhmidis A BDE dimidiym ¢!
fedugt. QB D, ;




]
| furft,;:
1 !
K
fad
ngulk
oo

_tis) BC. KC 4:: FG. Q(,}.bvo triang. ABC 115.5.
ut’E

Li‘” X‘-II." - I

Si fluavint due pyyamides ABCD', EFGH ejuf-
dem altitudini o triangulares babéutes bafes ABC,
EFG; [it anpon illavum straque divifa & in duas

Pyramides (AILM;MNOD; & EPRS ; STVH)
aquales inier fe , o fimiles sovis. & in dwa prifmata
equalia (IBKLMN , KLCNMQO 3 &PFQRST,
-QRGTS V) e eodens modo divifa fie werequepy-
‘yamidum, qua ex fuperiore divifione natefunt s id-
que femper fidt; erit ut wnius pyrawidisbafis ad al-
serius pyraniidis bafim 5 ita & ownia , que inung
pyramide, prifisata ad omnia , gnain-alterapyras -

mide prifmata, maltitudine equali.

Nam (adhibendg conftruétionem przceden~
eft ad fimiletriang. LKC , ul EFG ad ¢ fimile 2 255
RQG. ergo permutando ABC. EFG 4:: LKC: dis 5.
RQG 2 :: Prifm. KLCNMO. QRGTSV (nam §fi4je -
hxc zque alta funt) £:: IBKLMN. PFQRST, gu.§."
g quare triang. ABCLEFG:; Prifm. KLCNMO .~
~+IBKLMN. Prifm. QRGTSV ~+ PFQRST.
QE.D. y
. Sin ultetius: fimilk pa&to dividantur pyrami-
des MNOD, AIHLM 3& EPRS , STVH , erunt
quatvor nova prifmata. hic effeta ad quatuor

' : T 4 ifthip

. , , o
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298 EVCLIDIS Elementorum

. FRopPr VII
' p Omh# prifme AB(:
D F E prangalarens be
g bens bafens, dividinr i
¢ .ares pyramideg ACH)
vy nter fory apiangulale

o Jeshabentes.

Ducantur paraticlogrammerum diantetri AC
CF, FD. Triang. ACB a == ACD. b enp-
gpe alte pyramides ACBF, ACDF zquantu.
eodem modo pyr. DFAC = pyr. DFEC.
qui ACDF¥; & DFAC una cademque funt pJ-
ramis. ergo tres ‘pyramides A C B E, ACDF,
-DFEC, in quos divifum eft prifma , inter fg2*

' qualesfunt, Q. ED. " -

8y

prg

oorall,

Hinc, qualibet pyrous
g terua eft pars prifmatis &
{' -andem cum ilfa habentis &
bafim & altitydinem : fire,
prifma Juodlibet eriplum ef
pyramidi

Ly

is eandem cum ipfo
habenyis, bafig & akiudi-
E_nem- o ‘
*. Nprhaefolve ‘prifipa poly-
... . ‘gonjm (\BC__B/EG F
trigona prifmata ,  &/pytamidegi- ABCPEH
in trigonas _ pyramidef, ‘s Erunt gty partes

I8 ]

“prifinatis triple fingularum parcing pyriwidis

b proinde totym prefma ABCDEGHIKF fotius
pyramidis ABCDEN triplum et Q.E. D-

"PROP
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Crwen viLT a0
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£ . Similes pyrawides ABCD; EFGH , .que trian-

i gulares habens bafes ABC, EFGyin triplicata funt

g’ tationt homologoram laterusis AC, EG.

s Pérficiantur pacallelepipeda ABICDMKL 5 a 33,11
EFNGHQOP ;-quz b fimilia funt & pyrami- 494 &
dum ABCD, EFGH ¢ fextupla; o ideoque in ea- 7, n.
dem cum ipfis ratione ad fe invicern » € hoc eft in :;; 5
triplicata homglogorum laterum, Q. E. D. )

Coroll, )

Hinc, etiam fimiles polygonz pyramidesra- -
tionem habent laterum homologorum triplica-
tamjut facile probabitur refolveado has in trigo-
pas pyramides,” o

Prorw IX = e
Vide Schema jlrcced.. »

Equaliumpyramidum ABCD, EFGH, ¢ trian-

. iulam bafes ABC, EFG habentium, veciprocantur

afes &r abticidines. < quarum pyramidum trian-
gulares bafes habentium veciprocantur bafes & al
titudines, ille funt equales. .

" 1. Hyp. Perfe@a parallelepipeda ABICD-

*MKL , EFNGHQOP =zqualiom pyramidum
ABCD, EFGH (utrumque utriufque) a fextu- aaf.u&
pla funt; ac wqualia ideo inter fe. ergo alt. (l:i) Tk,

1
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ass. 5.
3¢ 89
g6 5. 5

goov, 1 bo-
jursy "ﬁ‘-

by. 1n

> torum eadem eft proportio, ‘qua bafium,

/\.: elt proportionis laterum homologotum.

}luommcunque prifmatum & pyramidum.

EVCLIDIS Elementorum
alt.(D) 5:: ABIC. EFNG ¢::ABC.EIG
QED, . L

z. Hyp. Ale.(H.) ale. (D) 4 :: ABC.EFG
ABIC. EFNG. f ergo parallelepipeda ABIC
DMKL , EENGHQOP zquantur ; £ proiad
& pyramides A BCD , EFG#, horum -fubfert-
plz, pares funt. Q. E. D. . .

Eadem polygonis pyramidibus. capveniunt : v
be ad trigonas reduci poffunt. '

. " coroll. .
Que de pyramidibus demonfirata Junt Prop. by

8, 9. etiam conveninnt quibuftanque Prifmashyss
bec sripla fine [yramidumund:z bafim ¢ abite
diriem babentium.. iraque 1. Prifmatum zqued

" 2, Similiuny prifmatum propottio-triplicta

3. qualiaprifinatd reciprocant bafes &k
titudines; & que reciprocant , funt quae.

] © Schote
" Ex hafkenus demontbratis elicitur dimenfio

-

o Prifmatis foliditas producitur ex altitudiae
in bafim ducta; b itaque & pyramidis ex tertia
altitudinis pagte ducta in batig.

ViT
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" ProPr X

Qmnis conus tertia parseft cylindri habentis eas

oy dem cum ipfo bafin ABCD , & altitudinems aque-

ens.

Si negas, primo Cylindrus triplum coni fupe- Vidfy 2-
ret exceffu E. Prifma fuper quadratum circulo afs.y. 4 &
ABCD infcriptum a fubduplum eft prifmatis fu- ¢or.9. 1%

t quadratum eidem circulo circumferiptum fi-

E & cylindro mque alti. ergo prifma fuper qua-

dratum ABCD fuperat cylindri femiffem. co-

dem modo prifma fuper bafim AFB cylindro =~ o, .
que altum fegmenti cylindrici AFB ¢ dimidio &ew 9. 1%
m:ljlus eft. Continyetur bifedtio arcuum , & de-
trahantur prifmata , donec fegmenta cylindri re-

lia, nempe ad AF , FB , &c. minora evadant

folido E.Itaque cylind. — fegment. AF,FB,&c.

+(prifmaad bafim AFBGCHDI ) ¢majus eft cg ox, .

quam cylind.— B (4 triplum coni.) ergo py-dbr. -
ramis di@i prifmatis e pars tertla ( ad eandem ***":7"
bafim fita, ejufdemque altitudinis ) cono zque -
altoadbaim ABCD circulum majoteft, pars, . -
toto. Q. E. A. -
Sin conus tertia parte cylindri major dicatur,

. ficitidem exceffus E. Ex cono detrahe pyrami-

des, ut in priari parte prifmata ex cylindro , do-

nec reflent coni fegmenta aligua , puta dd!-'ABP s
L . 3




303 EVCLIDLIS Elementoruts
FB, BG; &c. minora folido E. ergocon. ~Elg

f by,

eeor.3.13. Quiapyr. ABVYK. pyr. EFQSM b :: polyg:

(7! cylindr.) " pyr. AFBGCHDI (con, ~

fegment. AF, FB, &c. ) ergo prifma ?ramidii
triplum ( ®que altum fcilicdt arque ad eanden

bafim) cylindro aq bafimy ABCD majusels

pars toto. Q. E. A. Quaré facendum eft , uod

.cylindrus triplo cono zquatur. Q. E. D.
ProbP XL

& 9

Sub eadem alsitudine exifbentes cylindri, &yom
ABCDK , EFGHM, inter fe funt at bafes AB-
CD, EFGH- ) . E .

Sit circ. ABCD. circ. EFGH : : con. A3C-
DK. N. Dico N=— con. EFGHM,

Nam fi fieri poteft, fit N "2 con. FFGHM;

fitque exceflits O. Suppofita prapatationt; &
* argumentatioge pracedeatis ; erit O majusfef-
mentis conjcis EP, PF, FQ, &c. ideoque fo-

il'o‘!.-"'.f Jidim N pyr.EPFQGRHSM:: 4 Fiat in ¢it- |

"~ culo ABCD fimile polygonum ATBVCXDY.

ATBVY. polyg. EPFQS ¢ : circ; ABCD. art.
EFGH 4 :: con. ABCDE. N.' ¢ erit pyram.

=
==t

' EPFQGRHSM 3 N. contra medo difla.
Rurfus dic Nt con. EFGHM. pone con.
EFGHM. O v: N. con. ABCDE f:: citti

- EFGH. ABCD. g ergo O ~3J con. ABCDK ]
" quo
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squod abfurdum eft, ex oftenfis in priori parte. 1. & ie-
écﬁ](g Iraque potius dic , ABCD.- EFGH : : con. :‘::.l;.
. CDK. EFGHM. Q.E.D. )
B {4em demonfirabitur de cylindris > fi cono-
"?“‘l;mm & pyramidum loco concipiantur cylindri
(D & prifmata. ergo, &c.
' ‘ SCHOL =
QE} gy bis habetar dimenfio cylindrorsm ¢~ conoyrums
gquorsmcungue. Cylindri ree foliditas produci-
., turexbafe circulari ( ¢ pro cujus dimenfione » lm
Efl confulendus eft ArchimcSes) utain altitudi- % &
nem. bigitur & cujufcunque cylindri. ® s,
¢ Itaque coni foliditas producitur ex tertia c1e,1a
parte altitudinis du@a inbafim.

\L .. Prorpr XIL
i

ik C

af  Similes coni € oylindri ABCDE , EFGHM,

qath, - In triplicata vatione [unt diametrorum TX , PR,

{0sf  guainbafibus ABCD, EFGH.

,if. ** Habeat conus A ad aliqued N rationem ¢ri-

(. plicatam TX ad PR. dico N == con. EFGHM:

M0 Nam fi fieri poteft, fit N*J EFGHM;

puf  fitque exceffus O. ergoutin Priatibus, N7

AR {yl’. EPFQGRHSM. Sint axes conorum 1K

af® LM, addycanturque rez VK., CK, VI, CI5

o & QM, GM,QL, GL. Quoniam coni fimiles

p® funt, s ek VI IK :: QL. LM. anguliverosudl .
/2% VIK, QLM b redli funt. ¢ ergotrigonaVIKs ¢ g6
w% ‘ - O L Ms
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.6

§.
6

-+ QLM zquiangula funt 5 dunde VC, VI:Q
QL. item VI VK:: QL. QM. ergotsr
quali VC. VK :: QG.QM. e quinetiam VF
CK : QM. M G: ergo rurfus ex aquo VC
Ck:: QG. GM. S ergo triangula VAC)
QMG fimilia funt; fmilique argumento g2

deg v1. hujus pyramidis triangula reliquis illius. § gue

or.B. 1. pyramides ipfe (imiles funt. #funt vero ket

-6 triplicata ratioge VC ad QG , thoceft Vi
4. . .RL,Ivel TX ad PR. » erge Pyr; AIBVC
h?- & XDYK.pyr. EPFQGRHSM : 3 con. ABCDE.

',’;. " _N.® unde pyr. EPFQGRHSM I N; qod

ring &

ror.

4.

4 §-

. repugnat prius dictis. o
Rurfus ;dic N, =~ con. EFG H¥; fit on
EFGHM. O:-:N.con. ABCDK e:: py
EPRM. ATCK r::G QVC ter::

PR
6?'“' TXter. verum O r ~J ABCDx, qqu mo-

~do repugnare oftienfum eft. Projnde N == con.
. EFGHM. Q.E.D.

Quoniam vefo quam proportionem habent
coni , éandem quoque obtinent cylindri, coum
tripli, habebit quoque cylindrus ad cylindnm
proportionem diametrorum in bafibus triplicat:

- 'PrROF XIIL .
o Si - cylindwi ABCD fl-

Vi %0 EF fecetur adverfi i
" nis BC, AD paralicn; &
D 1t 81 0)lindras AEFD 4 ©),

lindrum EBCF , iss s G

adaxemIH. - )
3 Produflo axe , ¢ fume
GR=Gl, &HL=14
Q=L M & concipe P8
punéta ¥, L, M, plana dt-
© cicirculis AD, BC parab
" lda. bergocylind ED =
3 oyl AN & cylin, EC b=
= "BOb= OP. itaque cylin-
<o ds

we RE

|

o
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drus E N cylindri ED zque multiplex eft , a¢
axis 1K axis IG. pariterque cylindrus FP zqu®
multiplex eft cylindri BF, ac axis IM _axis 1H:
prout vero IK— , c—,~J IM, ¢ ficcylindr 4¢,4f 5.
EN—, ==, "2 ED. dergocyl. AEFD, cyl.
EBCF: GL IH. Q.E.D. - -

Pror XIV. '
Super  equalibus. bafr
bus AB, CD. exiflentes
coni AEB, CFD, & cy-
lindsi AH, CK , inter

AMTDIB e\ fefunt ut altitudines ME,
. NF. -

‘ " Produdis cylindro

oxL .PC®D HA & axe EM, fume

MI — ¥N; & per

pun&tum L ducatur planum bafi AB paralle-

)]

lum, geritcyl. AP = CK. b atqui cylind. AH, 21112, )

AP. (CK) :: ME. ML.(NF.) Q.E. D. ®'*™
Idem -de conis cylindrorum fubtriplis didtum o
puta, *imo de prifmatis & pyramidibus. ;,;d:;ug,

‘PrROP XV.
. &gualium conorum BAC,

N T K EDF, & cylindroram
G A ./i}\ BH, EX; reciprocantuy bas
R UPNIBC fos o altitudines (B G

EF :: MD. LA:) &
quoTUm CONOYHMS 5 € Cyling- -
[ drovum reciprocantur bafes
& altitudints , illi funt
L. aquales, ‘
Si alditudines pares fint , etiam bafes pares
crant 3 & res clara eft. Sin altirudines fine im-~
pares, aufer MO — LA. ot o
1. Hyp. Efique MD, MO (sLA) b:: cyl. cppr
EK (¢BH.) EQJ:: circ. BC.EF. Q. E. D. dn. o,
\Z 2. Hyp,

d
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e by
f . l; CylL.EK.EQg:: BC. E] ;).: BH, EQ. 1 Erg

w3 cylind. EK = BH. Q.E ]
kof "." Simili argumento utere de conis.

PrRopr XVIL

Duobus circalis Ak

CG ., DEF cira ite

centruzs M. exiffenti

bus , in mafayi dnal

C ABCG poljgmcm ¢

quilaterum , g parine

Laserum inferibere.giod

7039 pangat minoremar-
calym DEF.

. Per centrum M e

tendatur re&ta A C fecans circulym DEF in

2 30,3 F. exquo erige perpendicularem FH. ¢ Bifeca

By,

G

" 1 femicircolum ABC, ¢jufque femiffem 3Csatgs |

ita contivuo , & donec arcus IC. minor eradat
arcu HC. abI demitte perpendicularem IL. Li-
.+ quetarcum IC totum circulum metiri; nume
rumque arcutim effe parem , adeoque fubtenfam
¢ fb16.4. 1C laws effe ¢ polygoni inferipeibilis, quodar-
culum DETF minime continget. Nam HG 4 ut-
d eor. 163 gitcirculum DEF 5 ecui paralicla eft IK, e
by 1’ue fita, S quate IX circulum non tangit »
i :octe magis CI5CK , & reliqua polygon

fatera, lengius d'centro diftantia,circulum DE
-non tangunt. Q.E. B. Coroll, Nota, quod

‘1§ non tapgie cicculom DEF,

by, 10,

PRrOM

"1, Hyp. BC.EFe :: DM.OM(L A) fi: |
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Pror XVIL

¥ Duabus [pheris ABCV, EFGH tirce idem cen-

W trums D exiftentibusin majori fpheva ABCY fo-

V- liderm polyedram inferibere , quod non sangas fuper-

v ficiemminoris [phere EFGH. . .

i Secentur ambz fpharz plano per centrim fa-

¢ - ciente circulos EFGH, ABCV.  ducanturque

© .dimmettiA C, BV fecantes perpendiculariter. -

" Circulo’ABCV s inferibatur polygonum 2qui- 246, 5.
laterum VMLNC , &c. citculuny K F G H mi- o
nime tangens. dulta diametro Na, eretaque

" "DO.rea ad planum ABC. ‘per DO, perq; dia-
metros AC, Na erigi conciplantur plapa . o
DOC,; DON; quead circulum ABCY brefta " -

. erunt, ideogue in fuperficie fp%zrz oquadraatgs c o RS

. 2 €fliCle
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L def. 18,

t.def 1
7. 1}

def.

« m quare DX =— DY. » ercoDX. XC :: DY.

. NC *:: DY.YX; et NCy— YX (§P;)p*

.NZC ad centrum obtufus eft. g ergo NCqT~
- 2 ZCq( ZCq—+ ZNg.) Sit NI ad AC nor-

EVCELIDIS Elementorum

_efficient ' DOC, DON. in quibus 4 aptens
reitz CP, PQ, QR, RO, NS, ST, T
ipfis CN, NL,&c. pares , & aquemuitz, loze
liquis quadrantibus OL, OM, &c. inquewn §
fphxra eadem conftruétio fiat, Dico fattum

A pun®isP, S ad planum A BCV denitt
perpendiculares PX, SY, e qu in fetiones 4
Na cadent. Quoniam igitar tam fanguli re

PXC,SYN,gquam PCX, SNY b xqualibu
peripheriis infftentes , f pares fune, triangh
PCX, SNY » zquiangalafunr. Cum igitur 0
k== SN, ! ettam PX = S8Y, { «XC=1YN;

Y N. o ergo paraflele funr YX , NC. quiaver
PX, SY pares , & cum eidem plano ABCV te
&=, etiam p parallele funt , g erunt Y3
SP eriam paves & parallelz. rergo $P; NC
iaeer fe parallelz funt. ergo [quadilaterum
NCPS; eademque ratione SP Q T, TQRG:
fed & striangulum 3RO totidem funt plass.Eo-
dem modo tota fphra ejufmodi quadrilaens
& triangulis repleta oftendetur. quare inferipun
eft polyedrum. - ;

A centro D «due DZ reftum plano NCPS;
& juage ZN, ZC, ZS; ZP. Quoniam DN.

riterque SP C'TQ, & TQ =, R. Etquia
angali DZC,DZN%)ZS, (I}ZP ,71, refti ﬁ?nt,
latera vero.DC, DN, DS, DP 4 zqualia, &
DZ commune, & erunt ZC, ZN, 78, ZP=
quales inter fe; proinde circa quadrilatenim
NCPS ¢ deferibt poteft circulus, inquo(ob
NS, NC, CP 4&quales, & NC — SP) NC
¢ plufquam quadrantem fubtendit. f ergo a0g:

imalis. ergo cum ang. AD'N (#DNC—+
DCN ) fit kobtufus , / erit femiffis ejus D C N

L g —a

redi J
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iihus iz redti fcmi{Te.major 5 proptereaque ‘€o minor éft :

i, §If reliquus é re@o ang. CNI. »unde INCIC, 2 19. 1.
smiz. €080 NCq ( NIq—+ ICq) o "R2 INg. itaqueg ¥y .
& ip INC™ ZC.& confequenter DZ 7~ DI atqui q wr.16.83- -
ol punétum Ieft qextra fpheram EFGH. ergo.

cve
feltis
fupt.
¥ “%“"

. punftum Z potiori jure eft extra ipfam.adeoque

planum NCPS ( cujus  proximum centro pun-« 4. ©

&um elt Z ) fpheram EFGH non contingit. Et
fi ad planum SPQT demittatur perpendicularis
D &, pun&tum ¢ , adeoque & plaoum SPQT

adhuc ulterius 4 centro elongatur 5 idemque eft

de reliquis polyedri planis. ergo polyedrum
norem noa contingir. Q. E. F.

. Coroll. S
- Hinc fequitur, i in quavisalia [pherd deferi-

batur folidum polyedrum | (fmile predifto folido po~_

Iyedro, proportionem polyedri in una [phera ad po-
Lyedrum in alsera effe sviplicatam efus gquam ha-
bent [pherarum diamerri. :

Nam 1 ex centris {ph®tarum ad -omnes angu-

- los bafium di@orum polyedrorum reéte linee
dficantur , diftribuentur polyedrain pyramides .

numero ®quales & fimiles, quarum homologa
latera funt {emidiametri fphxrarum ; ut conftat,
fi intelligatur harum fpherarum minor intra
majorem circa idem centrum defcripta. congru-
entenim fibi mutuo linez refte dutz i centro

fphzrz ad bafium angulos,ob fimilitudinem ba-

. fium, ac propterea pyramides efficientur fimiles.
Quare cum fingnlx pyramides in una fphara; ad
fingulas pyramides illis fimiles in altera fphara
s habeant proportionem triplicatam laterum ho-
mologorum » hoc eft, femidiametroram fphera-
rum ; fint autem ¥ ut una pyramis ad ynam py-
ramydem,ita omnes pyramides, hoc eft,folidum

"~ ORQPCN,&c. majori fphrz infcriptum , mi- -

a cor.8, 1

b 13§

-polyedrum ex his compofitum , ad omnes pyra- -
SRR v

3 mides,

R
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midesyd eft, ad folidum polyedram ex illis cox
fitutum ; - habebit quoque polyedrum wis
fphar® ad polyedrum alterius fpharepraporio-

a13. & nem triplicatam femidiametrotum, c atque e
" diametrorum. S

Prop XVIIL

HO

Sphere BAC .EDF funt in triplicasa rationt
uaysm diamerrorsm BCEF. .

Sitfphera BAC ad fpheram G inviplicara

ragione diametri BC ad diametrum EF. Dico

G == EDF. Nam fi fieri poteft, it G ~JEDE

& cogita fpbxram G concentricam effeipi EDF.

wy.15, ¢ Sphzre EDF s polyedrum fphzrain G nontar-

& vor. 1y.13. 8E0S» fpherzque BAC fimile polyedrum iaferi-

cbp.  bawur. b Hzcpolyedra fant in triplicata ratione

dig5.  diametrorum BC, EF, cideft, fphgre BAC

ad G. 4 Proinde fphara G majorel} polyedro
fphere EDF inftripto, pars toto ‘

Rurfus, fi fieci poteft , fiefphzea G EDF
© Sitque ut fphera ERF ad aliam {phxram H, i
siypiaverf. Gad BAC, e hoceft in triplicata ratione dis-
f1g.s. metrt EF adBC; cum 1gitur BACS—H, iv
’ currimus abfurditatem prioris partis. Quin
-~ potius fphzra G == EDF. Q. E.D.
LT Covoll,

. Hinc, ut fpheeraad fpheram, ira eft -polye

drym inilla defcriptum 2d polyedrum fimile in
hac deferiptum, - - ek

T e TE
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Propr I.

Trefta linea z fecundum extremam &
mediam vationem fecetur (2.2 130:65)
W® majas fegmentum a oflsmens dimi-
- _dium totius 2, quintuplum poteft ejus,
quod adimidia totius z defevibitnr,
guadrati, o
] Dico Q. a
/‘-‘—Z—:;\ -+ =5 Q -
z A E 2.7 hot e&;g::;!"
aa—+ ! 2z =4 Cis -

za— 2zt zz.bvelaa g za— zz.F Nanm i"’"* 1%,
Zewt zao——"2z. &zed=2a, ¢ ergo aa —+za=— e 0x&

2z. Q.E.D. . 1,65
L Provp II

Si refta link.t_}Z = a fui ipfus fegmenti 'z,
quinsuplam poffis”s duple  predifti fegmenti (2”)
extrema ac medin Yatione [elle majus. fegmentum
eft a,reliqua pars ejusque a principio rede ! z~t-a.

Dico z.a :a.e. Namquiaper hyp. * "2a < v g ,,
177~ za== zz-i-ézz,’ vel aa~pza=—= 2z 4 — as.2.

. . - T D3axg,
ze — za. bericaa == ze, ¢ quate z.a i a, e, €7, 6.‘
Q.E.D. . -

vide fig. preced.
Provr IIL -

Si yé@a linea 7. fecundum extvemam ac mediam
rationem feceeur (2. a:iage; ) minus fegmentum
e affumens dimidium majovis fegmenti a ,  quinti-

Plum poteft ejus , quod a dimidia majoris fegmenti a

deferibirur, quadrati.
: Dico Q@ e+ * a
ﬁ\:s 8 :;_a. t!hpcz eftags,.
"{' ¥ ec - ‘aa’— ea == aa biex
o A E - 7 c3 2
= —Laa. b vel ee —ea diyp, & 47.

t=a2. Nam eceac — ze'd—=aa. Q. E.D, %~
Vs Prowp
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- 1 I . fecundum exsremans

EVCLIDTIS Elementorum

Pror 1V,

Si rella linea 2 fecundum extyemam ac medim
yarionem feceenr (2. axa.€5) quod 4 e 2,
gqrodgque & mineti fegmento e, utraqne fEmul quadre-
tu, tripla funs ejus,quod & majori [egmento a -
bitur, quadrati.( :

Dico zz &=

=z N 3 aa. gvel a4t

t - 2 ae=kte—=3 @

A E Nam ae <+ eegr

7€ T 2, 4 e1go a3 —+ 2 ae~k 2e6= 34

. E. D.
% o PRoOP V.
D A C B Si reftq linea:AD

. © mediam rationen
fecetnrinG 5 dfponaturguc ei A D wquelss majori
fegmento A C 5 toraveBalinea D B fecundi ex-
tremam ac mediam vationem fecatuy , & majis Je
gmentum eft que @ principio refla linea AB.

" Nam quia AB. AD4:: AC. CB, invertendo-
que AD. AB:: CB. AC; crit componendo DB.
AB :: AB.AC.(AD.) Q.E.D.
: ' Schol.

Quod fi fuerit BD, BA :: BA. AD. eritBA.
AD:: AD.BA— AD. Nam dividendo et BD
— BA (AD) BA :: BA~ AD. AD.ergo inverfes
BA.AD :: AD.BA~AD, Q.E.D.

Pror VI .
D. A  C B ‘Sirellalinaraiv
o 1 nalis A B extrems «

: - media ratione fecttir
in Csutvimque fegmentorum (AC, CB)irrations:
Uis eft linea, quayocatnr apotome:

Majori fegmento ACsadde AD — ! AB;

|

bergoDCq =5 DAq. ¢ ergo LCq TL'DAG.
-proinde cum AB', eideoque ejus femiffis DA

fint ¢, etiam DC et ¢". Quia vero 5. 1 n&!

L
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. Q.QfefDC'W DA. gergoDC~AD , id fo.10,
mao et AC eft apotome. Infuper quia ACq b= AB §"4 '
galit % BC, & ABeft ¢°, ketiam BC eft apotome. kgb. 10,
v/l(/.lﬂi . Q-on D- ’

ymen; .
& Propr VIL

. A :

o’

¢rile

HoHE

FEH . B

e, E

C

8i pentagoni equilateri ABCDE res anguli
fFoe qui deinceps EAB, ABC , BCD, ffoe EAB,
B@D,"CDE qui non deinceps fint, equales fuervint,
eqBiangulum erit ipfum pentagonum ABCDE.
Paribus deinceps angulis fubtendantur rette
BE, AC, BD. o .
- Quoniam latera EA, AB,BC,CD,angulique
incluh ¢ equantur , berunt bafes BE, AC,BD, .
1. angulique AEB,ABE,BAC, BCA pares.d qua- b 4. 1,
| re BF=FA, & ¢ proinde FC=FE. ergo trian- §4 & #.&
- gulaFCD, FED fibi mutuo zquilaterafunt; epans.
funde ang. FCD=FED,¢ proindeang. AED ¢ .
=BCD.Eodem patto ang.CDBE reliquis xqua. gaemt.
tur.quare pentagonum zquiangulum eft.Q.E.D.
Sin anguli EAB, BCD, CDE, qui non dejn-
ceps , ftawantur pares; Seritang. AEB—BDC, h4.t. |
& BE==BD;¥ ideoque ang. BED—BDE;r totus } §.%- -
toinde ang. AED—CDE. ergo propter anga~ ~ °
»s A, E,D deinceps @quales; ut prius, pentago-
- sum ®quiangulum erit. Q. E. D.

Prow
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314  EVCLIDIS Elementorum 1
PROP VIIL ,

St pentagoni aquilaten
o equianguli ABCDE
duos angulos BCD ,. (DE,
qui deinceps fine , fubtmbn
reftelinee B D, CE ;h
}actrma ac medid ratim
D Jemutuo fecant, & mejnt
. ¢ v ipfarum fegmeyta BF , o
EF equalia funt pentageni laveri 5C.
Circa pentagonum ¢ defcribe circulum ABD.

44
%3 B Arcus ED == BC. ¢ ergo ang. FCD = FDG.
w1t  4ergoang. BFC=2 FCD (FCD - FDC)

Arqui arcus BAE b== 2 ED , proinde ang.
5.6, BCFe=—2 FCD = BEC. f quare BF =BC.
Q_E. D. Porro quia triangufa BCD ,- FCD
3. gazquiangula funt, berit BD.DC (BF) = CD
&  (BE.) FD. pariterque EC. EF :: BRFC.
.E.D.

Propyr 1IX

" Si bexagoni larus BE , &
decagani A B, in eodems o
culo ABC deferipsorum -
Ponantur 5 tota yela linet
AE extrema sc media vatiet
ecatur , (AE.BE .:BE.AB)
& majus ejus fogmentum o |

~~ . - bexagoni latus BE.
Daicdiametrum ADC , - & junge reftas DBy

;_‘J""‘ #- DE. Quoniam ang. BDCe = 4BDA , elique
. osne.  ang. BDCh — 2 DBA (DAB -+ DBA,) erit
§1ext-  DBA($BDE+BED)c— ¢ BDA#— 2 BDE.
eiyr.s.  proinde ang. DBA, vel DAB . == ADE. ltaque
f4.6.  trigona ADE, ADB ®quiangula funt , £ quate

§!i4 " AE. AD. (¢ BE):: AD. (BE.) AB. Q.E.D- .
' coroll,

. =



" coroll. -

"¢ Hinc,filatus hexagoni alicujus circuli feeetur

3 extrema ac media ratione ; majus illius fegmenr fs. 13
- tu erit latus decagoni ¢jufdem circuli.

' "Pror X

st R

]

i b

G

" 8i in circulo ABCE pentagonum equilaterum
ABCDE deferibatur 5 pemtagoni latks AB poreft
| @ bexagoni latus FB, o decagoni latns AH 5 in -
eodem circulo defcriptovum.
* Duc diametrum AG. Bifecaarcum AHin K,
! Et duc FK, FH»FB) BH) HM. .
Semicirc. AG —~ arc. ACs== AG~ AD,  q, »
hoceft arc. CG'= GD b = AH = HB. ergo 3ur.’ -
»  arc. BCG= 2 BHK;c adeoque ang. BFG = 2 ;2" &
. BFK. dfed ang. BFG == 2 BAG. ¢ ergo ang. ¢35.6,
y BFK=BAG. Trigonaigitur BFM, FAB f=- 3% 3.

e 1.ax,8.

quiangul’a funt. g quare AB. BF:: BF. BM. far. v

bergo AB x BM~— BFq. Rurfus ang. AFK k— 51;7&‘

HFE; & FA—FH ;mquare AL==LH, m & k:7.;.

anguli FLA, FLH pares; ac proinde redti funt. 74 &

ergoang. LHM == LAM », == HBA. Trigo- os1. %

- naigitur AHB, AMH * quiangula fuat, pqua. P46
' ‘e
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qi.6 1¢AB AH:AH AM.1 ergo ABy AM=

£5, 3.  AHq. Quumigitur ABqr — AB x BM+#
v 5 AM,Serit ABG—BFq + AHq. Q.ED.

. - Coroll,

1. Hinc , linea refta (FK) quz ex cm,
(F) arcum quempiam (HA) bifecat , etim
reétam (RA) illi arcui fubtenfam bifecat ad -
gulos retos. '

3. Diametertirculi (AG) ex angulo quoris
(A) pentagoni du&ta bifecat & arcum (CD)
quem latus penragoni illi angulo oppofitum fib-
tendit, & latus ipfum (CD) oppofitum,idgue 2d
aogulos re®tos. .. -

: ' Schol.

Hic, ut promifimus, praxim tredemns expebivan
problematis 1x. 4.

Problema.

\ .

Fnvenire latus pentagoni circwlo ADB inferiben.
di. - o

"Duc diametrum AB. cui Perpendicularelr;l
S ’ cp -

o

PP T S . I §




BLg

HIRAE Liber X IIl. 1y
» 43¢ C D ex centro C erige. Bifeca CB in E. Fac
3,2 EF=ED. Erit DF pentagoni latus.
ﬁ]Q Nam BFx FC + ECqa— Fqb-—- EDgs6s,
— DCq—+ ECq.dergo BF 3 F = DCqyvel. 4 """’"
BCq equare BF. BC :: BC. FC. crgo quum BC‘;«.
fit latus hexagoni , Ferit F C latus. decagoni ,$ 7" &

quze promde DF b——‘/ch_'_qug cﬂ; latus pen—"S':,;
bnm’ tagoni. Q. E. F. 47 5
ke .

PrRopr XL

Si in circulo ABCD
* vationalems  habenze
diametram AG ; pen-
tagonum equilateruns
ABCDE deferiba-
tur ; pentagoni latus
ABirrationalis eff i~
nea, que vocaruy mi-

. nor.
C ¢ Dac diametrum .
* BFH, re@tafque AC, AH ; & * fac FL'—‘ tez-
dllFH &CM—'CA 10, 6,

Ob angulos AKF,*AIC « retos , & commu-sm 1015,
nem CAI, trigonaARF, AIC baequxanguh b
funt; cergo C1. FKe:: CA. FA(E B4 a4,
M. FL. ergo permutando FK.FL::CL CM . ‘
“'d 11 CD. CK (2 CM.) e compenendo igitur (D“" z'
— CK.CK:: KL.FL.fproinde Q: CD—+CK g4, 15,
‘ (x 5 CKq) CKq :: KLq FLg. ergo KLgq
! =y FLq. lraque BH (¢) ponatur 8, erit FH
) 45 FL 1. &FL3. 1.BL 5. &LL;:.; Klqs. &
., quibusliquet BL, &KL effe { b I k ideoque 274
BK effe Ap~tomen;cujus congruens KL.cum ye- 19.40,
. 10BLq—~ELq = 20, lerit BL T 4/ BL3— P ’;“ ‘
+  KLq.munde BK erit apotome quarta. Quo-
niam igitur AB. "= HB «BK, © erit AB minor.
g ‘LE- .

89510,

Rofa
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PrRovpr XIL

Si in circul ABK
triangulum il
tum ABC defobant,

‘triangnli lagus A po-
tentia triplum of gis

c linee AD,quees Do
“ 70 civeuli ducitur, 3

- Protradta dianero
*E adE, duc BE. Q@

#ror,t0. 13, Niam arcus BE s EC', arcus BE fexta eftps |

boor.1g.q  circumferentie. 4 ergo BE = DE.hinc Ay =
i #DEq(4BEq) d— ABq—+ BEq (+ ADy)
¢34x5, «proinde ABg= 3 AD4. Q.E.D.

. o Corall.

Borrag, .
. gm;.;f 3. DF=FE. Nam triang, EBDg zquils-

’ g;‘u; erli;b & BF ad ED perpendicularis. beg
4 Hinc AF — DE_'_ DF:gLDF'

Pror xIIIL ‘

E

Y]

AT ¢ B

" Pyramidem EGFI conflizy .
A : [ ere , o datafpheré
Complecti ; g demonfiraye quod ’/ﬂﬂ" dremeser
+ AB
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' Eimas Liber XIII. 319
AB potentia fit fefquilatera lateris B F. ipfius
a rdmfdi: EGFI.f'ﬁI s
gi Circa A B defcribe femicitculim ADB. | o ¢
riapise ﬁt‘zue AC = : CB. ex punfte C erige per-

mAji pendicularem CD ;5 & junge AD , DB. Tumd+

iomils ¥3dio HE == CD defcribe arcolum HEF G s

i i €01 b infcribe triangulum zquilaterum EFG. bur.sf. 4.

wigy < Heerige IH=C A re@um plano EF G, e

gl Produc IHad K 5 4 ita ut 1K = AB. reQtafque

Yot a_djunge 1B, IF, IG. erit EFGI pyramis expe-

e B! tita. . . :

644 ™ Nam quia anguli ACD , IHE , THF , IHG

e © redi funt; & CD,HE,HE, HG pares, ¢ atque § ;:'{'

-BE}-J IH — AC;fetunt AD; 1E, IF, IG zquales in- gz0, é.

Py terfe. Quiavero A C (2CB.) CBg:: ACq.

** . €Dgq. erit ACq=2 CDq. iraque ADqQf=
ACq~ CDqb— 3 CDq =3 HEq k= EFq. B ens3.
lergo AD, EF,1E, IF;1G pares funt, adeo- Vi.axt.

4 que pyramis EFGI eft ®quilatera. Quod {i pun- o

_ &um C fuper H collocetur, & AC fuper HI,

i refte AB,1H » congtuent; utpote ®quales. qua-

. tefemicirculus ADB axi AB vel IK circumdu-.

&us  tranfibit per punta , E; F, G, ¥ adeoque as5 dofx.

¢ . pyramis EEGI fohzra infcripta erit. Q. E. ., * swdfus

liquet vero efle BAg. ADq ¢:: BA. AC?:: 3.2. o863
Q.E.D. : P sesfr:

m8ax, 0.

Corollaria.,

1. ABq. MEq:: 9. 2. Nam {i ABq ponatur
9.erit ACq (EFq) 6. ¢ proinde HEqeerit2.
; 2. 8i L cenfrum fuerit , erit AB. LC::6. 1.
. Nam [ AB ponatur 6, erit AL, 3; r ideoque AC rovfse
43quare LC eric 1. Hinc ,
3. AB.HI:: 6. 4 22 3.2. unde
4. ABq. Rlg .4 '

qse.18.

PropP.
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ofto triangula LFE, LFG, LGD, LDE, KEf

‘,"”";

famife.
gH 1

" KD,LE,LF,LG, LD ; erit xEFG) Lottze-

EVCLIDIS Elementorum F

PRoP XIV.
L . Offgedrumiti
GDL  conflsert:
1G> data Sfphew
pleli, quadpr
widem ; o iw
Srare , quod fjr
diameter AHP
B tentia fit dupla e
K teris. A C ipfint
: : &aedri,
Circa AH defcribe femicireplum ACH o
centra B erige perpendicularem BC. duc AG
HC. Super ED—=AC s fac quadratum EFGD;
cujus diametri DF; EG fecantes in centrolL e
I duc IL==AB breftam plano EFGD. produc
IL, ¢ donec IK=—IL. Connexis KE, KF; kG,

.

drum quafitum. .
Nam AB. BH, FLIE, &c.zqualium quadta:

torum femidiametri ®quales fup inter fe. 4 qu
xe triangulorum re@tangulorym LIE, LIF, ]fIE,
&c. bates LF, LE, FE, &c. @quantur. proiade

KEG . KGD >KDE ®quilatera funt , e atque
oftaedrum conftituunt, quod fpharzx cujus cen*
trum I, radius IL, vel A B, infcribi poteft. (quo-
.niam AB, IL, IF 1K , & f aquales funt) |
Q.E. F. porre liquet AHq (LKq) g=1ACq
(:1Dg.) Q.E.D.
S ' Corollavia.
- 1. Hing manifeftum eft; in O&aedro res dia-
metros EG, FD, LK fe mutuo ad angulos reftos
fecare in centro fphxre. ST
2. Ttem, triaplana EFGD, LEKG , LFKD
efle quadrata ; fe mutuo ad angulos redos fe-

cantia, .
. 3. O




o Lbber. XIYL T R 12
3. OQacdram " dividitur in dums pyramides =
v, fimiles & aquates ERGDOL,& EFGDK, quatum
. bafis communis ek quadeztam EFGD. .~
4. Denique, bafes oftaedri qppofitsinter fe ¥1tl
GDL¢ parallelae funs. T :

L

qg{u; -PrRoO® XV.

it 6 _ - cabum E EF-

)x‘:ilm;l 8 M 3~ LGHIKLM
futf - Ba R conflituere 5 o
Jaer: ' P\ 711 fphera compledtiy
1 - gua & priores £+
i 17 gwas; & ge/;tzn-
» Fire, quod fpne-
E S ra diameter A B

v potentid fit fripla

L latévis' EF ipfeus cubi.
Super AB defcribe femicirculuar ACB; & o fac $10.&
AB2= 3 DA, ex D erige perpendicularem DC» ;
& junge BC ac AC. Tukm {uper EF=AC bcon- 4460
ftrue quadeatut EFGH cujus plano re infiltant
ELFK, HM, GL ipfi E¥ pares, quas connefte
reétis IK,KL,LM, IM.  Solidum E¥ GHIKLM
cubus eft, ut fatis cohft ex confruiode.
- In quadratis oppoficis EPKY ;) HGIM duc
diametsos EK; FI, L; MG; pet quas dd®a pla-
adEXLH, FIMQG fe lirecfécentin feéta NO.

Hazc diametros cubi EL,FM, 61, HK ¢ bifecabit ¢ w39, of,

iy P, centro cubi. dergg ¥ cearrtim et {phira §15450
ger putta cubi angaliria tranfbuntis. Potro e 1.

~ BLqe=xEKq KLq *== 3 KLq , fvel 3 {imbey

© ACq. arquiABq. ACq 23 BA.DE g:73. 1. Rugs.
fkrgo AB = EL. Quare cubutn fecims , &e.
QEF. . '

' cooll:

' 1. inc 5 omnes dianters cubi'intetfe wytta-
Ies.func , fefeque micittdn it centto {pherxisfe
cant.Eademque ratiope r!&z"qua: qua om
oppoflitorum cedtracbijugant , bifecantur 1o
godem ceptro. ' X 2 -
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,"fz ot Diameter fphasz poteft latus tetraedit
mag 13 cubi. nempe ABq==/BCq-+# ACq.

propr XVIL

" Keofuedrum ZGHIKF-g -
 YVXRST conflisuere , &
| fphera_compledi. . qus &
» “autedigas, ﬁﬁuus i de.
. monfirere 5 [qned icofacdri /

latus B G irrationalis eff |

| lines | qK& VOCHIRY i

Lo mere T .

- Super AB ' diametrym

- fphzrz_defcribe - femicir-. | -

6.~ culum ADB; & sfacAB |

=9 BC. ex C eﬁge

_pormalem C D"y & ducf /

"AD ac BD. Ad inter-j/ .

vallum EF="B Ddefcri. !
be cwculum EFKNG AL

I3
cut

~
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el by inferibe pentagonnm’ %q: laterumFKIHG. b 4
Cptallifeca arcns FG , GH y &c. ac copnelte reftas

Ivl L, LG, &c. lateranempa decagoni. Tudcce~ eis s .

- igeEQ, LR, M8, NT.OV, I'Xiph EF =qua- ;
™~ ) reétafque plano FKNG.& copneéte RS,ST» ‘
—£0¥, VX, XR; item FX, FR;GR,GS;HS,ST,

“ AT, 1T, 1V, KV, KX. Denique produ@a EQ; ™
ume QY ==TL: & EZ = I1,; re@afqueduci :
concipe ZG, ZH,Z1, ZK, ZF;ac YV, YX,
YR, YS, YT. Dico fadtum. e
- Nam ob EQ;LR; MS, NT, OV ,PX dz- demps;
quales ¢ & parallelas 5 etiam que illad jungunr, *5
EL) QR) EM; Qs, EN) QT] EO ] QV b ) EP )
QX fpares & paraflsle fint. Item ideo LM f35.4
1 (vel IG,) RS, MN, ST; &c. ®quales funt in-
// terfe. g ergo planum per EL, EM, &c. plano ges. 1.
1/ per QR aS_ » &c. zquidifans, b & circglus vdef:
#7 QXRSTV @ centro Q,; circulo EPLMNO =< ’
/ qualis eft; atque RSTVX elt pentagonum 'zqiti-
/ Jaterum: Duci vero intelledlis EFC,LEG, EH,
&c. ac QX, QR, QSs&c. quia FRQR— FLq kq7. 1. ,
—+ LRq,! vel Fq(%'s: FGgs»erum FR, ‘FGq, '.,‘,Té’;,_
ddeoque omnes RS FG,FR,RG,8S,GH, &c. nfbq8 i
quales incef fe.  Proinde 10 *trian_gula,xFX,'& vesio
RFG; RGS, &c. zquilatera funt & 2qualia.
Rurfus ob ang. XQY e re@um , erit XYq? == oeor.14. 1i:
- QXq~+ QYqé4=VXqvel FGq. quare XY, LA
I VX, hifque fmiliter YV, YT, YS,YR,ZG,ZH, *'*"*
| . &c.equan'ur:Ergo alia decem trigona ¢onflituta
" funt xquilatera , & ®qualia, tam fibi mutuo 5
?uam decem prioribus ; ac proinde falum eft |
cofaedrum. . ) :
Porro, bifela EQin &, duc reQaseF,4X, . .
. aV; & propter QX7 —QV , & commune latus f-;f.‘i'ﬁ"
+ aQ,angulofque EQX, EQV reflos; / eritaX — v
" V. figiliquc argumento omnes 5 X, 2R 4S5 -
&T,4V, 2F, <5, ald; al, 4K Xquanfuf.:
Xz Quok

./,
) -
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;0, " gganiam ?tenp z}(zl_ QE;;: B. ZE,}'
y aq o=—=¢ Eaq*= EEq)- =4
4% K. ng = 31".: p#r%’p(a&oqip g % o )

‘ fphera , cujus ceatrutn o, radiusaF, periipu
_ Qaicofaedri angolaria etanfibit. |
Deniquie, quia Ze. 4E :: ZY. QE; ol
::f%', Zagq. «Bg:: 2Yq. QBa.Peric ZYq=1ly
byt vel s BDg: atqui ABq. BDgc:: AB. Bt |
SerlS 1.dergo ZY=—AB. Q K.F.
afib.as. 10 Itaquefi AB ‘ponatur ¢°, ¢ exit EF—=y/}
fivy etiam%; preinde F6 pentagopi ideinque I ]

. drig latus,feft minor, Q E.D.
‘ coroll.

1. Ex diflis infertur, fphara dismenumelt
poteatia quintuplum femidiameri circuli qur
que latera icofsedri ambientis. . .

' 2. ftem manifeflumeft ) (phare dimetum
effecompolitam ex lature hexsgoni, hoc el e
fermidiametro; & duobua ateribus decagonici
culi ambi¥irtis quingeelater jcofaedsi 1

3. Coltac denigite Jatera icofsedri oppoitn 3:«
syt qualia func RY, HI, elle partllels, Nem RX*p
- bphsbkd o) AP bpaall HI, | opot




Eiwn Ctler x111. IS

e @ Propr XVIL

B \ . .,
g A

D)zdcéuirum onflicurre, & fpheva compledi,
s 988 & pratiflas figuras; & doponfirare  guod do-
| decaedrelagis RS irvationativ-efd linea, que voraess,

-aporame, - . .
Sic¢ AR auhus datx (phare infaiptus » cuius
latera omnia bifecestur in punétis E,H, F, G,
K, L, &c.. retzqueadjynagantur B L, MH,
HG. EF. sFacHLIQ::1Q. QH; & (ume
N O, N I pares ipli 1 Q. Eeige O R, P 8 redas
_plano D8, & QT plago AC. fintqpe Olbbl’ks: '

230.6,

QY iplis IQ . NO,NP mquales. Coanexis
RS$,SC,CT; DT, eric DRSCT pentagonum
Dodécaedri axpeniti. Nam duc NV parall. OR,
& protraita NV ad eccurfum cum cubi centro’ ’
X, congelle ee@as DS, DO ,DP ,CR, CP; ags.1. -
HY, HY, RX. Quia DOqe==DKQ (¥ ¥Ng) 74zt
-+ KOgq ¢ == 3.ONg ()z ©Rq) ¢ erit DRq dyy
o X 3 ’ ==z 4

e —————
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$4 % =4 ORqe== OPy, vel RSq. ergo DR=K!

. Simili argumento'DR , RS, $C, CT, Tn

. res funt. 'Quia vero OR £ == g & pudlBf

351, - SeuntRS, OP, & b confequenter RS, IC¢f g,

ﬁ 9.t 1am parallel ; 4 2rgo hee cum fuis conjqogfﬁ'l' ol

: ’,',,;,';. bus DK, €5, VH ja uno funt plano. qui|
. quiaHLIQ &:: 1Q_(TQ.) QH LN o

~ NV; & fan TQ, HN, quam QH, NI'| o

1611 & éidem plano, ! adeoque & parallelzeriith]

m 33. 6. . ) % e . :

a n&s 1, erit THV rea linea. * ergo Tiapa (o4

DRSC, & triang DTS inuno ﬁmt plass ] g0

“retas DC, T V extenfc, ergo D T CShdp

pentagonum, & quidem aquilateram,ex astl

gy @is. Porro, quiaPK. KN :: KN. ND;k

Sies DSyr=DPq—r3q (PNQ) = p DKs+H{

R 41+ NPg,qeric DSq—DKq—~+3 KNq =4DKy

£4 (4DHq) » = DCq. ergo DS=NC; unde

8 gona DRS, DCT {1bi wutyo zquilitets funts

" fergoang DRS=DTC; & eodempsfloie.

’ CSR == DCT. -ergo’ peatagonum DTC R

etiam aquiangulum eft. Ad hac, quia AX,Db

tig13.  CX,&c. funt cubi femidiametri , ¢erit XN=|
et IH,vel KN, vadeoque XV=—KP. unde ob angy-

o Jum x re@um RVX, z eric RXq=—=XVq -+RVq

£47 0 f
24 13 NPy)=—=KPq + NPq s==3 KNqi=

£ sonflr.g 6
sy,

(
- Big i 4 xg, vel DXqs&c. eigo RX, AX, DX & e

dem ratione X$,XT, AX zquales funt inter
£t fi eadem methodo, qua coaftruétum eft peo-

<: tagopum DTCSR ; tabricentuf 12 fimilia pen- | B(
tagona tatigentia duodecim cubi latera, éaDo- * e
decaedrum conitiruent; ac per eorum punfiaan = (I
latia tranliens fphara,cujus radiusAX,velRYy ! &

DNodecaedrum compleetur. Q.E.F. o
. Denique, quia KN. NO ¢;: NO. OK, 4. T,
$o% it KL. OP':: OP. OK — PL: Inquefi = o
eis.13.  {phare diameter AB ponatur §, erit KL e—¢/ |
" AB Setiam . gunde OP, vel RS Jatus dodeca .

{ b 33, £0
6o 'y edri apotomeerit. Q.E.D,
T coe “orall, |
: |

ty



Hlo o Liber XITL SN L4
Rges et oo
5,500 » ool -

=1 1. Hinc, filarus cobi fecetur estroma 3¢ me=
wn®li3 rarione, majus fegmentum eticlatus dodeca- .
m 58 e} in eadem iphara defcripti, - S
iy i re@x linex felte extrema ac mediarz- . .
) thione, miinus {egmentum fic latus. dodecaedri; °
all 'majus {egtnentaty eric latus‘cu’ble;ufdem fphgre.
padb 3. Liqaet etiam Jatus cixbmqhale.effe line®
'E’ retz fubtendenti angulum pentagoni dodecac. -
"’mfdricadcmfphara compreheafic - 1 v
oy - Pror XVIIL

_"”: 6  Latera quing;~

il fighrarum &=,

“’ panere , & “in-

[;D( - e fe t_'omf’ar'd#j

y re. . )

“ | sitAB dia-

g -} meter fphzre, .
2 ! ic AEB femiv

" circulus.  fitg;

" ACs= 18B,, w.r;
' '&AD”'::;_blc-,s.

' N AB, Erigepe:-
A KD C 1 P pendiculares
BG = AB. junge AF, AE, BE,BF$CG.ex H
demitte perpendicularem HI , & fumpta CK =
CI, ex K erige perpendicularem KL , & conne- .
@te AL. Deaniquec fac AF. AO : AQ.OF. ¢ “'p?'
Iraque 3. 2 4 :; AB, BD ¢;: ABg. BFq ., lotus 2‘-;: 8.6.
Tetraedri. & 2. 1';:6 AB.AC :: ABq. BEq, £ l2- £ 143!
tus O Qaedri. ) ' L g
Item 3.1 4::AB. ADe:: AB3. AFq, gla=™
tus Hexaedri. . » ' b conflr
Porio,quia AF. AO b:: AO. OF. § eritk sor a0y
. X4 . AQ

N




328, EVCLIDIS Blemensorum

,L"" “AO latus Dodecaedri. denique BG (: K|
aedtl;  BCL:HLIC. mergo HE = :CI*= Ky
0 4h HIq* = 4ClIg.proinde CHq=,5 Clgtep
P4r%  ABg ==y KIq.ritaqueKI, vel Hl el radivo
reer,16, 33, culi circumfershentis pentagonnm icofaedi
1015, AKyvel 1B,/ eft Iatus decagoni eidems G
" feripti, unde AL erit latus pentagoni,, idsg
Icofiedri lams.  Exi quibus liquet BF; Bh
efle¢’ .. &AL, AO efiop’ ‘- ; arqud
CBE ;i &BEC~AF; ac AF-A0. @
vero 3 AFg == ABq *= 5 KLq. ac AFs¥
LS. AF1OF, , ideogue AF x AO + AFel
a2 AFxOF,s hogeft AFq 32 AOg#
176 ric3 AFq (s KLq) € 6 AOgq: proinde 4
“  AO;&fortius, ALL~AO,
Jam vero ut bac Jatera numeris exprimant
fi AB ponatur /| 8o, eritex jam ditusadcaler
Iym exa@is;BF =F ¢( 40.& BE == 4/ 0 AF
=4/ 20. ittm ALX 4/ 30 ¢/ ;sz}nam
AK=+/15 — /3. &KL CH)={ ™)
denique AQ ==iy/; 30— 4 5o (V¥

| gegol.
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Ion Liber X111, 329 -
e : : .
1l .. SCHOL. = -

=0 .
Zm;fj,,, DPreter Jam difles. figuras nullam davi poffe fign-
wgightans folidam vegularem (nempe que fignris planis or-
tideg glinatis ¢ equalibys contineatuy) admodum Porfpi-
tpori i S#4m eft. Nam ad anguli folidi conftitutionem
wr By} Tequituntur ad minimum tres anguli plani; ebi- .,
;3 que omues fimul 4 reQis minores effe debent. '
F-jp b Atqui 6 anguli trigoni zquilateri, 4 quadratici, »riafesd,
«lf & 3 hexagonici; figillatim 4 reftos exazquant ; 3!
04§ quatuor vero pentaganici,3 heptagonici,3 ofta-
~u gonicir&c.4rectos excedunt.ergo folammedo ex
g 324 vel 5 triangulis wquilateris,ex 3 quadrats,
vel 3 pentagonis; effici pateft angulus folidus.
o Proinde, praeter quingue predifta, nulla exiflere
ig. ~ poffuat cerpora regulgria. ,

!
/
)=

iy,

u Ex P, Hcrig@nio.‘

Proportiones [phere , ¢ § figuraran vegularinm
eidem inferiptarum. -

Sit diameter {phara 2. Erunt
5 Peripheria cireuli majoris 6v @18.

Superficies circuli majoris; 3 4159

Superficies fphaerz , 12 (56637,
t Soliditas fphzrz; 4 1879, )
! Latus getraedsi, 1 “2299'.

Latus




30°

- EVCLIDIS Elementorum
Superficies tetraedsi 4 L61_8_.
Soliditas tefraedsi, o > 1513 132 ’

Latus hexaedn, 1 L’"'
‘Suycrﬁues hexaedri ,

 Soliditas hexaedri, I 153‘9'6.

Latus oftacdri , ¥ 41871

Superficies oQaedii, 6 }9282.

Soliditas oftaedii, 11333 13-
Latus dodecaedri, o ¢ 7}364.

Supeificies dodccacdri, 10 ‘;wt{l-

Solidizas dodccaedn > 2 [73516.

L.z..llslcofm*rl, b [05;'_45.

.S‘uperﬁ':ics Icofacdhi, 9 ‘[57,45 4 ‘\

Soliditas Ieofaedri, 2 {53615

“:

e -
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* . Jubjeita figura ,componentur quinque figure folide,

Liber XIII ~ 331

Quod i ex charta conficiantuy quingue figure
gquilatera & equiangule fmiles bis que funt in

fevite complicentar.




g -tro  ciroll
e cufufpian
AN-ARC i
Aaaly . 4 \’ 2, {
eidem a'mi'la""’ﬁ—f",”' l"
tu5s BC ducitur perpendi-
cularis DF, t;i.”'i'i"‘ "ﬂ[ e
triufque lines frmal, 0 le-
: A e tnﬁ%ex:tgoni DE, 0:1"
mi:drf‘fgau/ EC eidows evrculo ABC inferiphi- -
SumeFG =2 FE, & duc CG. » Eitque CE
== €G. ergo 2ug. CGE § = CEG == ECD.
cooag ECGe=EDCd—1 ADC ¢=
$ CED (1 ECD.)proinde ang.* GCD=

ECG=EDC. gquare D3 — GC (CE)er

20DF == CE (DPG) + EF = DE  CE.

Q.E.D. v e
‘ .
Pror 11
A G B C St bina vefte linee
- —— e AB ., DE extrema «
b H E F media ratione [ecentir
—le ( AB.AG:: AG.G.

¢ DE DR:: DH. HE;) ipfe fimiliser fecabun:
2y in eaflem fiilices preportiones. ( AG. GB::
DH. [IE.) .

Aciize BC — EG & FF — EH. Eftque
ABSBG a—= AGy. quare ACqp—4 ABG
+ - Gyez== 5 AGe. Similiter crit D] =
s DHy. dergo AC. AG :: DF.DH. cémpo-
weado igityr AT + /G, AG:; DF «+ DH.

' v DH'

N
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Liber X1V, o333
DH. hoc eft 2. AB. 'AG: 3 DE.DH. ¢ pro- en. 5.
inde AB. AG :: DE. DH. unde f divideado 7 5
AG.GB;; DH. HE. "Q.E.D. ’

PR o IIIL

o :ldetl cmuzu: “Aﬁn ' comprehemlic @ Dodecae-

dni mm ABCDE , & Iiofacdri irianga-
hm’lﬁdg’,ﬁm [hére fnﬁriptoru{n. §

Duc diamettum AG, reltafque AC, €G.sfb g
Steque 1K dbsmeter {phzta, s & 1Kg== y OBq. & 328
b fatque OP. OQ, ;2 0OQ,; QP. Quia ATq d’?z.
6y —AGq a—=4FGg; & ABge—§1°.%
¥Gq =% CGq. ferir ACq —+ ABqt= § FGy.g8m o
porto , quia CA. AB ¢£: AB. CA — AB; ac 221 &
OP.OQ :: 0Q. QP. b ideoque CA. OP: s k3r6aey
AB. OQ. kerit 3 ACq (/1Kq.) 5 OPqli%-
(mIKq) i3 ABy. s OQQ. €13 ABq = 5 mer iy,
‘©Qq. Verun cb ML '» fatus pentagons circu. O ' '3
joinferipti , cujus radivs O £ 5 eruce 15 RMq § g 6.
== MLy? = 5 OPq —+ 5 OQq = *3 | Frim._
ACq -+ 3 ABq 9 == 15 FGq. r erpo RM ajis 86
== FG. s proinde drc. A. BD == ¢irc. L M N. f+4¢-3-

Qgﬁu D. .

PRrRow"
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n 613,

kg 8.

EVCLIDIS Elementorim
Pror 1V,
A ‘

Si ex F centro civculi pentagomum dademd{t
ABCDE circamferibntis ducatur perpendicnlars
FG ad pentagoni wnum latus (GD 3 erit quodfié
dicto lazere CD , & perpendiculari FG roMPf'_b‘”‘
ditur reftangulsim trigefies fumptum ; icofardri fu
perficiei equale. item, .

Si ex centro L circuli triangulum icofuedsi HIX
cifcum[oribentis , perpendicularis L M ducamt
trianguli wnwm latus H K 5 erit quod fub diffolae
reHK , & perpendiculari LM comprebenditst
velbangulam trigefies famptum, icofaedri Juperficit
«guale, .

qDJc FA, EB, FC, FD, FE. & Erunt tiaog®
}a CED, DEE, EFA, AFB, BEC aqualia. 3t
qui CDXFG b= 2 triang, CED. ergo30 CP
X GF e==60 CFD d=1i pentag. ASCDE*=
fuperf. dodecaedri, Q. E.D. -

Duc LI, LH, LK. efique HKxIM f =2
triang. LHK. eriz‘o 30.HK x LMg == 60 HLK

== 20 HIK 3 == {uperfic. icofaedri. Q. E. -

Covall.
CDXFG. BKXL M# 1 faperfic. dodecaed. 2
fuperf. icofacdri, ‘ v :

ProP

_




Liber XIV. ,;35\ ﬂ
. . PrOM V. -

[ . - Superficies dodecae~

Y dri ad [uperficiem ico-
faedri in eadem [phe-
Ta  deferipti eandem
proportionem  babet
quam YL latgs cnbi
fp1 4 AD latus icofac-

dri. ™
_ Y Circulus ABCD
i s circumferibat cam **'*
b . dodecdedri pentago-

., mum , quam icofaedri triangulum ; quorum fa- , !
f;z . teraBDy AD ;ad que demitrantur ex E centro
iy ;é‘er{))endxculares EF , EG(: & conneltatur
~ Quonjam EC+CD. ECb:: EC.CD. eritbg. o -
EG(tEC+CD)EF (SEC)enEFR. 3%,
EG ~EF(;CD.) atqui H.BD/1:BD. H— 3358~ -
BD. g ergo’H.BD :: EG. EF proinde HX EF ga 1.
==BD xEG. quuni igitur HLAD% :: HXEF. ;'7': H
ADXEF. erit H. AD :: BD X EG. AD % EF Joag og
:: ! fuperfic. dodecaedri ad fuperfic. icofaedei.
N Q- E. D; . . ., s

~Prot
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P ror. 1714,

13, 13
[T TN
dig.s.

[N

2. 8

a3 4.
bgrt |

lf,& 6.13,

EVCLIDIS Elementoran
PrROP VI

i vefa lim AD
Jecetur extremune:
+ dia ratione ; eninre
&a BF p’aterx:il&"j
dtora AB, il
i mafori feeom
AC; adreflamElt
sehtem i qrodai
'AB, ¢ id guodi¥
novi fegmento BCi¥
latns cabi BG ad Latus icofucdri B cidem [phir
cum cwbo inferipti. - ‘
Circulocvjus femidiameter ABy infcribant
dodecaedri péntagopum BEGHIL ; & icofaedn
triangulum BKL. 4 quare BG lacus cabi et ei-
dem tphare infripti. igionr FKgb =348
&Eqe—=3 ACq. erQO‘BKq.Eq}:! ABg. ACq
o2 BGq. BEQ. permutando igitur BG¢. BN #
BFq. Eq.-f unde BG. BK :+BF. E. Q1 D.

Pror VIL

Podecaedrum eft ad Icofaedrums st oubi "_"‘f'l

lasus Icofaedri, in una eademque [phiera inferift
Quoniam « idém circulus comprehendit & dor
decaedri pentagonum & icofaedri triangalum
b erunt perpendiculares 4 centro fpher® 36P +
na penragoni & trianguli dudla ftet f¢ aqu
Ies. itaque fi dodecaedrum & icofaedfuml““,f'
ligantur effe divifain pyramides , duflis ™ ’
acentro fphzrx ad ompes angulos y omni®
pyramidum alcitudines erunt inter fe 2914 o
Cum igitur pyramides zque altz ¢ fint ut bafess
& fupacficies dodecucdri fit mqualis 13 pent:
gonis , fuperficies vero icofaedii 2o triangy ”.:
‘ : el

et

fat

-~

JL‘



n Liber X4 V. 339
erit dodecaedrum ad icofaed ut fuperficies
ohecki

| dodecaedri ad fuperficiem i¢ofaedki, 4 hoc eftut 4% ¢
latus cubi ad facus icofaedti. .

o . ST

t 1’ Eovr VIIL

s T .

: B Hem Gifens
i Vs 2w -l BCDE
¥ . comprebendir gin
# exbi> quadyatum
i \ / g H 3CDE & e
P S L i triangulum
w - . .FGH, ejufdem

g T fpbere, ‘
Sit A diameter fphztz. Quoniam Aqs==3 , oo
¢ BCqb == 6 Blq ; itemque Aq e7= 2 GJq bgr.s.

h‘ 4= 6 KRqjerit BI"" KE.e Cl'£° QWMCBFD s it ¢ ll’%

i = GFH. Q—E RSN i "'?""”'
4 ¥y :
;(! ~‘\ i i
3 ot 9
[ -
jf
ey
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288
" L}B. XV

Pror L

X date iubs ABGHDCRE prewt
%" dem AGEC defriber.
Ab angulo C duc diametros
%) .. CA, CG, CE; Eafgue comelte
8 diametris. AG,GE,MH: omnes

mterfe. uales funt, utpote zqualium qua-
ametri. ergo triangula CAG,CGE

C EA, EAG zqullateta funtyac zqualia: pn;ll’ﬂ

de AGEC eft pyramis,qu cubi angulis infifliy

&ique idcirco b infcribitur. Q.E.F.

PRoOM

. o e . .
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1

Px 6-?.4 FL.. )
R e i
' “f:"‘i;:éﬂa htm pyra- llo.;.
anidis in ‘gl’m&is E, 1,

e ,
_ E,K, G, H;que cone
B g nc&e 12 te&is F > FG}
o ¥ L GE, & Hzomnesha-o, 4 g
g&a}u ant ‘inter fe. proinde 8 triangula BHI,
5 8. 2quilaterafunt & ®qualia , adeoque
conftitunat ¢ oftaedrum # in data pyramide :;,13‘:5
friptum. Q. E.F. B o

Pasr 1N
l\ a """"'""'1\!’ :
& '
I U Al
L M
AL H

In dato tubo CHGBD EFA oBusdrud

NPQSOR deferibere.

. Connefte quadratorum * centra N,P, Q8,0 ¥¢ ¢
R, 12 reftis NP, PQ, QS &c. quzszqualia e g s
funt inter fe, ideoque8 triangula éfficiunt #qui- |
Jatera & ®qualia. proinde b inferiprumeft cubo :‘&}us .
$OQaedrum NPQSOR. Q.E.F. .
. - ¥z ? &‘;"-
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335 ’ EVCLIDIS 'Ele»zcntorung
PR op IV,

AT B In dato offaedre 45C
.+, DEF cubum _inj?gibfrf»

ca O : 5B Latera pyga?ugﬂﬁ'

‘ . . ) BCD, cujus bafis qusde:

A WK/ um !_;BCD » bifecans

SN/ redtis LM, MNNO, 0L
Lot o e HMY L que o xqusles fust &
g i/ \ | bparallelx fateribus qur

A .4 \} :drati ABCD. ¢ ergoqui
saouaf. o ol il Yeeiilaterym LM NO
s \ L / quadratgm. - :

. . Eodem modo, fi faren

- FiIY quadead LMNO bife

centur in ‘punétis G, H, K, 1, & connedantur
GH,HKKL, IG, erit GHKI quadraum. Quod

fi eadem arte in reliquis 5 pyramidibusofaedd

centra eriangulorum reélis conjungantur, decri-

bentur quadrara fimilia- &. zqualia quadnto

GHKI. quare fex hujulmodi quadrata cubu
conftituent; qui quidem intra. oftaedrum defci-

tus exit; 4cum ofto ejus anguli tangant oflo

31,445 oftaedri bafes in earum centris, Q. E.F.

l




o

NlT
fra
whi
0k
A%
1ks
(04
ph

Y

s 7

"v- o cLiber XV 3. o 343

In dato Teofaedro Dodecaedrum inferibere.

SitABCDEF pyramis Icofaedri , cujus
babs ppomponum. ABCDE3- ceytra autem tri-
nngulqﬁ_l\ﬁi}({ > H,I, K ] L 5‘!}118‘.60!1' 54
nettanturireftis GH , HI, 1K ; XL', LG.
I;.;;i: {.Gg;ﬂ‘(['.; peatagonum. dodecaedti " inferi-

endr. v el s ’

Nam reé#FM ,_:,F;N‘, FQ.,FP, FQ,
per centra’ tridnétﬂdrum';;;aﬁfehntes »4' bife- |
cant bafes. b ergo fe@2MN, NO, OP, by 0>
PQ, QM =quales funt inter fe. quinetiam
FM, FN, FO, FP, FQ ¢ pares funt.

dergo angui MFN, NFO, OFP ,gg". e

PFQ, QFM wmquantur. pentagonum igi-

tur GHIKL @=quiangalum efts , proinde & ., 4
zquilaterum, cum FG, FH, FI, FK, FL f pares f 12, 13

fint. Quod fi eadem arte in reliquis undecim -
pyramidibus icofdedri , ceatra triangulorum re-
¢tis lineis conneftantur, defcribentur pentagona
xqualia & fimilia pentagono GHIKL, quam-
obre;n 12 hujufmodi pentagona dodecaedrum
. _ Y 3 con-



34

EVCLIDLY Elomentorum
conftituent ; quod quidem in icofaedso ertde
fcriptum, cum viginti anguli dodecaedri iner
tris yiginti balumt icofasdri-confittant Qur
- propter in dato icofaedro dodecaedrum ¢

'}Jﬁmus_. Q.E.F. S

"




" 34y '
= Anmotationes in Elements Euclidis mu: -
" percdita, in quibus sbfoura illuftraniyr,.
. | errasscmeniantur, pluzimague oan con-

- ducane.ad Geomesvia ywilimenta facilius-

© percipienda adjiciuneur.” ' <.

pag.x3.ling. foribe , Rutfus ang. ACD e *has. 1.
ADC;&ang, BCD ¢ == BDCS ergo ang AGDH'9 ™
CBDC, idek ang. ADCCBOC. i Q. F. M.

P-17-Lult. fevibe, conjupgantarque FGC, 1C, &

( producatutACG. - oo T S

p.18. £.3. fcribe, fimili argumento ang ICH=+-
ABH: ergo totus acn-,f?s“&’c)g major & u-
troque CAB, & ABC. Q. E. D, o

p-21. apponantur figutie quee defunt, -

P-40. lin.18. fcribe, Schal. . - o

“Ims fi fuerint due rvefta , fecenturque ambe ik
quotcingue partes , idem provenis ex dutin toting i
totam, O paviium in paries, o

_Nam fit Z=A:4+-B-+C; & Y==Dx4E; quisa’
DZe=DA+DB+DC,& EZd==EA4-EBar 2 1.
+EC; & YZ s == DZ-+EZyb étit 2 Y==Da O
—-+DB+DC+EA+EB—+EC. Q.E.D. -

Hinc patet vatio dncendi véffas to s in
compofitas, Nam omnia partium r:&::;gd i ateipere
oportet, @ babesuy rellangilum extosis.
© Sid linestoi in fe ducendarum Gigais 4 2d<’
mifceantur figna —,etiam fighorum ratio habéme .
da et Quippe ex—-inwe provéid— jat ex in_ T
. provenit—+. Nam fit - A ducenda in B= €. "% '
quoniath 4 A non affitiater detoto By fed de
-, ejus parte tantum,qua fupetat Cy debet AC mas -
nere negata. quare pradibit ABa AC. Vel fic
quia B conftat partibus C, X B C, *erit AB
=AC—A in B~ Csaufer utrinque AC,erit AB *
~ AC=A inB—C. Similittr fi~ A ducenda
fitin B~ C, quoniam ex vi figni = ron dega~
. . - Y 4 tur

\
N




- 344,

tur A det6to B xfed de. gjus folummodo excf
fupra G, debet AC manere .affirmata., prosesit
ergo ~ AB-+AC. Vel fic; quia AB *=AC+

: in B C; tollevtringue omnia, erit~ AB=i
=~ A= in B-+C; adde A€ utriique,esitg;=13

Atque ex his rite perfpedtis,qua fublequur

.-+ gpropafitiones,alizque ejufmodi innumerz;s
- « lineatum in fe do@®arum comparatione emerge
tes (quas apud Vietam, & alios Analyftasinw
uerato habes) nulle negotio demonfirantursm
*plerumque quafi ad fimplicem calculum exige |

do.1

deducantur. .,

P42 inter demonttr. & Schol. :p':op'qﬁlt
quinte, feribeytiy,

duaram refiavum ok equatuy differentis e

~AE-+EA~ Eg—Ag— Eq.; QE, D
L 3‘:}- poft Jmmf&sasipnem,pmp‘-s-- frd
. Alirereffertur & falius demoniracur, b

Aggregatom quaratoram ex fumma, &

" rem:gaduarum, refapumA, B equatiy duple

» - deasornm ey iplis R

“ gt

ek
)  Nam Q: A+Es==Aq-+Eg2 AE& QA
dht..  TESAq+Eqria AE. Hac colledafaciunt.

2 Aq+2 Eq. QE.D.

d AR AN L A . H
. Rorro,* liquet praduétom ex. quapiam magn
: tm}iine in numerk cujufliberpartes’ ®quad pio-
ducto ex eadem, ip totym. numerum. Uts A~+7
A1 A& 4 Ain§AH4AIn7 A—4Ain1s
A.quare que inhoc Joce de redtarum infeduftu
dictafunt,.eadem.de numerorum jnfe mvhipli-
catione intelligi poflunt. proinde etiam quzing
fequentibus theoremnatis de lineis affiemantuts
., demwalent de pumers ascepea; quippe cam itz
- ¢ ‘omues ab hac prima tmmediace dependeant:, &

Hoc theorema,paslo.alier e]fmur,,yfmlwdﬁ
monfirasur.ficsReldanguium ex fumme o diffaenic

Nam i A-+E dufatus jo A~ E,"provenitAg

fonis
e

?
Ci

s

pE7-

~

ay

det

afe - |




345 - '

; p.67.polt demon&ranone-u ptop.2 8 fcribe ;
4’Quol;lﬁ fubtenfa AC = .vel "I DF, erit i i _

»—mlhmodoa c.:sf\ "",vel":lDF i

'

Ao /714 pot demon-

£ feationem top. 35-

- {cribg, Eacilfus fic, &

G umsexfahtgb Conne-

" 3 fte AC & atque “f LA
o . ob angublbs xCEA , b3+ "
Bop) DEB 1Pfofque G

DB (fuper codenl atcu
AD) pares ;3 mgona & ror.38 1.
. CEA;BBD, ¢ xqui- d46“‘
, angula[unt 4ergo CE,EA:: EB.ED. proin- ¢
¥ de CEXED=EAXEB. Q.E. 1), -

5 " Que ex 6. lib.cicantur , tam hic’ quam infeq
,Jy ab hac,minime pendent;quare i iis ut licuit.

D, p o Iater de-
- monttr. & . copol.
, PP 36 {cr\bc, Fa-
C  dlisis ac univerfalius
el
PucAB, & BC.
> ac ob, dngulos A asey.
: D"Camrcs, &D "“6‘
communes tum- d|‘7 6

o gula ¥DC, ADB
P g . . b ’-Bqluangu\a “funt. e
f«! 3 i A ¢ ergo. AD. D3 5 T

¢ DB.CD.dqu axeAD\DC::DB: Q.E. B

p.76. ad de£7. 4. (u‘.)(h-

- tue fgurdm h_anc.

6': .

" p-g-82. poft demonfira..
o B R tionem propof. 1e. 4.fcribe
i P fic.:

e

Hac;

¥, M . N S
/.u ' .
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. Hzc conftruftio” Amalytiey
dagatur fic ; Fabtum fit; ko
lum BDA bifecet refta Dl 12+

ang. CDAb—='ADB o=hid
CA = DC. ac’obang D0~
A—+CDA=:At=Beritlk
: +  DC. fergo DE=CA. puik
DA. (¢BA.)CA :: CA. CB. g unde BAsU
=CAq. '
298 feribe Prop.8. 3. .
o ProP 8 .

"7 Inegualivm magnitudinow 33,

F|D "ACymgferAB aﬁnea_ndnu Dy

rom babet rationem , gum 90

T AC: ¢ eadem D ad wimrem AC

i wajorem rationem hebesgundé ¥t
forem AB. :

Sume EF, EG,ipfaium A&*g AC

: i xquemultiplices , icaut B

A 'D_ Djnul;ip)ei » major fit quam £G,

at ‘minor quam EF. (Quod fult

4 .continget, fi uttaque EG GF m

jores accipiantur ipfa P.) Liquet

£ juxta8defs. fore /B —AC; %

‘ p B

G

2% ic.

P- 100 lin. ult'polt B, D, F.feribe Poroth
ABbL:C.Db:E. FSnGomm= LM
fimiliter HC—,==, ~3L; &1 )=, M«
proinde 1 G —, =, "I &, erit himili modo6
~+H-+1=,"0 Kt L+M.¢ quare AB:
A~+C—+EB+D~F. QE.D. .-

pag. 102. circa 23 lin. poft (zquatur)fcribh

,Ergo,quum AG. DH:: C. F i GB. Hi. ety
&c. ut fequirur ibr; B
p-1o4.lin.x.poft KO feribe,Itaque ablatis hise

DA. DB:: CA. CB.imod |

——y . £ Py
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3 p 111, L13. dele, Hujufce demonftratio , &c
k & feribe, Intellige G::DE s ergoBC™G. bergo Lo s

AC‘A Rurfus conclpeH E cergo H H A kbl
5
Di s qua:eA " H. bpromde AC“Hdvel D. Q E D dis
€ ¥
+ p1rd. circasg.din. dele,cum 1glmr, & feribe,’
i ¥erum 6 HC, &c. ut fequitur. |
P16 ladele Imo i plures, &c.& feribe fic. .
. Schel. ’
g R A _Tmo ff plures DE,FG,
» a " adunumlatss BC paral-
lele fuerint 5 erunt omnia
laterum fegmenta propor-
tionalia.
. Nam DF.FA q:; EG.
G G Aj; &componendo,
AE mvcrte.hdoque FA.DA"
\¢ 3 GA. EA; gac DA, 2+ 6
DB:: BA.EC. ergoex
equo DF. DB EG, EC. Q_E D.
corell.
. SiDF.DB::EG.EC;serntBC, DE,FG pa- -
T orallde.
#-119. Prop.8. demonftretur fic, -
Nam ob angulos BAC,ADB 4 reftos b ideo- a5,p,
gue zquales, & B commuoem , trigona BAC , b aax
. ADB ¢fimiliafune. Simifi difcorfy ; Gmilia funt cr&4s.
., trangula BAC, ADC. lprolndeADB ADC dvid 16
. f(miltaerune. Q. E. D.
Coroll. &c, ut fequitur.
pag. 121. lin. amtepen. fcribe, Vel fic; Datz F nt
AB,BC; ex quibus fac angalum rectum ABC.
duc A C, & buic normalem CD 5 cul occur-
' r;t AB protraftain D. seftque AB.BC :: BC. ,,,.g &
" BD. -

.

i}
et
m !

W

. _P“K' | T dele figuram iftam furc1feram ihid
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: be, Vel tic; litaz=2b, &e==2d.vgl 3=
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ibid. lin.6. dele, velita; CD=(B &g
feq. cum fuafigura.”
. pag. 123. pott lin.3. {cribe, Vel (inealb
" gura ) fint AB, BF duzdarz, bliquetefii
BF :: BF. BE. e
- $36. Propol.31. 4 demonfiretur fic.
© "Abangulore@o BAC demitte perpendid
rem'AD. Quoniam DC. CA :; s CA(h

7396} erit AL. BF :: DC. CR. Teem ob DB.Bi:

$ eBA. BC,berit B5.BF :: DB. BC. ctp
AL -+ BG.BF : : DC+ DB( BC. ) BC.m0
‘AL -+BG = BF. Q'E.D.

© pag.146. lin penult.feribe, vel fic,fia=5t
e . 1
b=y. quarcz a==x, & 2 b=y. %02 a-+ib

2z 1
o= x Y. 06202 b ==X 4y,
. e

P 147.1{11. 17, feribe, Vel ﬁc,Aﬁgailj(&

b . , N
b— 1-__):’& X-P-y:g.ob 3a=anfgb=h

3 L T e
. et3a-+3b—zx—2y= 2 g ergod+bs
Fgm X~y P .*.‘:':.. ;
3 P.T 149 Lo fcribe, Vel fic;iit j—;n\—,‘&. c:ff_:
N . . ’ ’ V .”‘
vel3 a==b, & 3¢ = d, eftquec * =3¢~
R —; 5o
ibid.lin.27.. deles, Applicare potes, &¢. &fear

B

o2l

. 3 [ I
&y:zd.Eﬁf:;_c:zd:,d.
o . “a .31 b .. B
I LEMMdA . -
.AE, BF, CgG, DH,. sipr@amaxdtf

P A B> C; , D, . ".“M"f" A,B,C,D

E F G, H ;ro;:ortinna.'es -
? ‘ mera‘:AE:Bﬂ%‘g
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B DH metigntnr er numeres E; F; G; H, ernnt ei
[E, &, G, H] preportionales,
Nim ob AEDNe=—BFC&,s & AD = BC, 1 .7,

= berit AEDH = BFCG,c hoc et EH— FG. biess.

AT TECT , £9.8x7-
sergoE.FiG.H. Q_E.D.
o coroll. o
! Hinc BT:BinB dNamI B B.Bq.d &Kauars
.

i ry
0 T Az A Aq ccrgol B"B Bq deroqu__cu-,uu _

B s B. SnmxhrerB in Bq - BC % ﬁ de rellqu:s. ,
r xR Acm..m"-
.7 . PRowP 1 ‘

" Aq, B, C. Si tresnumeri , Aq,B,C

4 .8, - 6. deinceps fint proportionales

, primas autem Aq fir quadmmr-

i & seriius C quadrasus evit,
g Namob AqC s—Bq,berit C—ch Q.B.2t07. .

- brexe.
A ¢ eor.lemd.
* Liquet vero B eﬁ'e numerum, dob Bq, vel Caus 'd';’
i &ig8

merum‘. ergoﬁtres, &c.
- : PROP 23.
vAc, B, G D. Si quatuor nameri Ac,
8, 12, 18, 27. B,C, Ddemceps fint ‘pra-
. pormr:tles, primus autens
o Acfitenbns; & quartus D cubus erit,
5 ‘Nam qma AcDs—=BC, beric. D-‘BC ag. 1. !

ﬁr “
Ceor,

Ac
e B b3 C, hoc eft (ob AcC==4dBy; & bpro- prae.
X dz0.9.
“inde C_ }) D=3 qu'—"BC'—'C B.
A 4 Ac . Acc Ac
‘ hquet vefo tpﬁnn B etie numerum,quia BCovel ¢ 45 8
Y- Ac:
D numerus ponitur; erno{' i quatuor numeri, &c.

* pagr.

T owm wORL

-

‘




350

b9z (ubﬂifue hanc Ggumﬁ,

P263.ad def. 3. fcribefic, -

A 3. Lipease
/4> @a 4B ek ol
* plaoum

~refla, aum ad

reflas omues
Jiness BDBE,
B, i qubs
ifla tasgih)
que I pre-

' pofito fustpls

no, reffos &

D feir_anguls
ABD, ABE, ABF-
4. Planum A

(TG X8

. / [P /e ad plapio CV
T Y/ re@um el , (0B
) T / —f re@z linez FG»

muni plasons
feftiopi EB 2
reQs angulosin

5t plano C.D ad reflos

unp. plaso A
D ducuntur , ale

funt apgulos- a
s Relt®

HK , qua @ -

1

1plc

ang
ty
ide



y - A 3. Reflz i

i ; acz A B ad gla-
, ‘aum C D indis
¢ : -natio ¢t , cuina

\ - fublimi termino
' A ye8z alius

Lt i livex AB ad pla-
b [ aum CD dedu-

. &a fucrit gerpen

D, dicularis 'AE;
nque & punfio B, quod perpendicularis AE in
ipfo plano CD fecent, ad propefic illius linez

¥ extreinum B quod in codem eft plano,altera re-
&atinea EB fuerit adjunda: eft, inquam, angy-

. Js acuens ABE infifteme linea-AB ; & adjunita
4 BB comprelientus. )
: ! oy

o AWy

A=

D

i angulus acutus FHG rellis lineis FH, GH con-
1> tentus  qua in utroque planorum AB, CD ad
© jdem communis fe@ionis BE punftum H du&l=,

 reftos cum feQtione BE efficiunt angulos FHE;
“ GHB. ‘

6. Plani AB ad planum CD inclinatio , ¢f -
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35z, -
pag: 275. Propofitio 21 feribatur fic.

TP R OP .
... D Omsis folidws ngs
Iys A fub minvibss
) vf, quam guatuor reffier-
5} gulis planis contintw.
" Larera enim [0t
anguli A fecins gl

B nurmh utcunque fior

Bguram mulijaed
BCDE, &totidem triangula ABO,ACD,AD,
-AEB. Omnes angulos polygoni voco X; &
fummam anguloruni ad triganorum bafes voo
Y.quare X+ .4 Rect.s == Y-+ A. Quia vero(
anigulis ad B) b eft ang. ABE —+ ABC - CBE;
idemque vesum fit de angulis ad C, 2d D, ad E.
< liquet fore Y = X. proinde erit A "2 4'Rell
QED. .. . .

e 277.1in. antepen. dele Brevitatis cafa ofs.
&c. 8 feribe [ic; Aflumpeum oft fore ADZHL.
Hoc autem conftat. Nam f; AD= vel "3 HL;
erit ang, A ¢ =, veH"HLY, Eodem modo &t

B=—;vel T~ HLK, & C=—, vel — KLIL quare
A~+B—+C.* quatucrreftos aut exzquabunrut
*excedent,cantra hypoth, quia potius fit ADE~
HL. Q.E.D. S ]
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amlco e & pag:ogq
' ﬁnsulan. v

M E pubhfd s mec tuf mowginis e &5
i 4 gk cmﬁo Fuse famqrumd:gr";z
rammg

RN pwm
N em quod j? ndo,}qp‘lqu!
P 'nln, fge#cndu mtém,
ine arrogantia fpeciem incuryis. Sed giringne
parata eft excufatio qualifcungue: Nam mv‘dl&
temperatum oporeuit jubenti mieterem bune libel-
dum Enclideis (qu cagnatione proxime attingity

Elementjs [ubty # enduys,In ewm quicquid eft 1?0
ant

SRy

Blicum aut pma meriti protinus veficio , fali
cujus aushor fuit , ratipnem reddisnrum, InTe an
sém deliBum quod maxime aggravat, idew posentet’
rxmmat, Tibi taneum debere. Nam cum iis,qui Diis
ipfis fagyificia , acmedica magnis Regibus donaria’
offerre nondubitarunt , fatins effe credo, etiam pro
immenfis beneficiis parum 5 quam wikil vependere.
Sufficiat igitur vegefsiffe, me ‘;:In mulsis magnifgne
nominibus obﬂﬂgm fare 3 wites , quas potuero W=,
ximas, referre debere 5 “ultra vota & grases i
poffe ; illa privatim , has publice petfolasas pracelle-
re ; guibus agendis 5 quam famdiu fpe - fludio an<
supor, ma_{' onems nandim comparere 5 pnﬂ:;;‘ hane
' ¥




346: ,
dbiaran prahendere,quamvis exilenss quam dofs
nequicquam: pumitentia’ profegui, Efl igiw b
bbl;:’: pignus quoddam & preludium futmov
Plioyit 5 M quameritoram inme Tuorsm hifdr

beriolrdr'drﬂm' . ?wma}d: m,;;’m.y
[impliciter agnofcere > womant fufe deferiber ¥
digne prcdiugn;,‘ Prefensisieft inﬂityjt;.i. Acrs
Jam brevis [um ixsv cixave y Sy necefsiveny
tiugfoaftus;, quans ipduGns confilia.. Nanmevh
ventis Bivgenitia “alid'avecaht st devesy ne e
ne curventi calamo exequentem , que hec ad teprs
ret, amick wnahbis:, impoveuni patientia preflsin.
Q-id fupereft igitur; , nifswt te domi Pudiis acrehs |
honefbis animum intendensem [alusari prefostian-
1y 5 eumexorem vemerandi. av dgins mminis;
quens xante bencficentie benignum yempesiorens
Jugibus vosis exopty ;- idemgue me eenph fiper
Tyrrbenos ; Tevias, Egeofque flusbusmnpen
profeBionem /iqi;;pmmm comitetur Obtefor atem)
we.senuis opelle patrocinium yefpuas, ghod hnis:
povvipe dignasuges . .

3 ) ’f:ibi dg'ii_x‘l&'ifﬁmo{
S - | & obfequentifine,

l‘v' :7',“.‘I~ BI, :
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AT 3’, AN I

B e IIICUVAL Sl 5
f:;”’f;; E¥ CL 1D I‘S'Dqt& o
szz LT .:-.,D{ﬁmﬂﬂﬂ-fgg BT
e =niAta magnitudine dicuntur fpatia,
A linez ; anguli-» - quibus qualia
o | | poffumus shvepire. sl
s 11. Ratio dari dicitur,cui pof-
e funrus earidein invenire,

" =S ==X
et ~1T1 Re@ilinez fignrz fpecie dari dicuntur,
et quarum &fﬂbgt;li.a:x‘ggﬁidaﬁ'qut,'g laterum rq-
aw? tiones:ad invicem date fune. -
i 5, Hing, datz fnt fpecie figuex, quibys fimiles
us? inveniti poffunt, = G b o A
i  IV. Pofitione dari dicuntur pundi,, linez,
s anguligite, qua eundem fitum femper obtinent.
w V. €irculus niagnitudiné dari dicitur, cujus
& ‘eaqua éx centrodaturmagnitudine. o
@ -V L Pofitione & ‘magnitudink dari dicitgr
# - circulus; cujis datur centruni pofitione , K ea
" -quae ex centromagnimdine.. L n

< V11, Circuli fegmenta magnitudine darj

- dicuntur,in quibus ati~(uq¢mg¢ﬁtukjipeza(éh—_

li & fegmentorum bafes. v 7, 0t
VTI1I. Pofitione& magnirudine dari dicun-
. tur dirculi fegmenta , in quibus a%guli magnifu- -
j . dine dati fun ,, &,{egmpn&q‘;um bafes politidne
& magnitudipe.” T T "
-+ 1X. Magaitudo maghim_gﬂne major eft data,
" quando ablata dara , reliqua cidem qualis ef.

X. Mé('%.iiiﬁudo magnitudine minor eft data, ° ¢

quando a {un&a datajtofa éidem zqualis eft. -
U UdfivAldara ficy eritAia+ B o7 B datasAc
CBTYASKBdata, . o e T g

_ X 1. Magnitudd magnitudine® major eft data
* quam’in rayidne; quande ablata data 5 reliqua ad

eandem hab¢brationem .datami.: * . 1 :

i

T



X1I. Magsit Qm mtudmenunoreﬁdz
ta quanr iy gu

ud&a dataton
ad candem ranonem habet datam

UtﬁAdata ﬁb&‘iﬁ‘eﬂa; erdé. A—s—BC'C:dl-
1 (a’mu ﬁilA-q-Bdetun cntlf‘ﬁdhl
5 o

q mt
P,& o P e
£ R “Busdvim megindinen [
ooy £ b Mmm lll:f:rdtfa ’

or ag. mA*damr,nmm
bairy. Hf Pored dtiqua dose desti jee fimeb=3.
e beft gle am% A B Fquare tdtiﬁ %_ddtdeﬂ

P n. BE 3,
A- 8. - -Sidute ulgamdu z‘sdtlm
'u;'- ’ v aligwam B babeas vssiofen e,
wn etitng bdg afp magrindin,
o NamobA”datm;bﬁlmeamA; aeobk
¥ by T
| g Aacas ﬂwnnA Aseigotion Boquur B, |
b QEp |
5 ﬂ ! % 6 P X ;. ‘
: A $ ‘qlmhl:el Jaqm
Tas bUAR compmmﬁr,mmgm& A—l-‘

. que e bis compiits sdatd it
, Namﬂﬂp'—'a 38 lB, g it 4-+b
e :zl\+$ 'queﬁ*kda k. QE ED

B -0 ’o 1‘
':AA‘ """ d ta 6"'*’4

. e b- tiy datg ud 2
R hAuﬂm " B vl i
p&ltlllhﬂlddm &b":za.q-g'ﬂ_‘g-—
‘”"_ a"‘b sp:mndsM:Blhm QE.
e

PROp.
L‘

”’%mblhe A wnfers.

o >

b
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: EVCLIDIS Dag-. 35e
ﬁ"‘“ o PROP n. 4 o
Rt p S magnitudo A ad fui-ipfus af

Hlie c,' - D. Kam y%:‘mu B hdbeat fgwn;

o eans 5 enqm zd‘ reliquam A8

thk ‘J,abe»n mm datam.” "

o " Nam, quuAadnta eﬂ bﬁrk B ‘C D !l;p'{
13 RIS

B
cergoA. Aa B & c_..n bpmmd A},curgg £

datur. Q. E.D. . A-—-'B
il A. ‘ . ' Sico onamv‘duwa nitpdi. ..y .,
A o ; ‘mres A Bybubenter mi%‘v?tem 1o
fif tem danm » etiam que ex bis com-

s Dowitur magnitude A~SB ¢ b&beﬂ:t ad utmmqueA
wi e B nebiovemdaran, - J

;v - Namabe A Bz QBPergoA+B ;:a‘f“"
B C- I Do qumklM!. S.mhter cridd.
H* dxu« Q'E- D -S B ":.'/1 .

g Wt '-.

o - . - RRGR R ‘

W A B.; - &WW&Aw Rdm

A ratinxe focetay ; umfgm

' towmA. o B diim off,

b Nam obATdatam s erit &y—i—B data. bergo o

3 . lndl'.
A datur nodemmoddB datur. QB D .. s

g PR oOP 8 .

g A G B... Que A,B ad idetis .C vistionem

7 D. E. F. babeat btu,blbcﬁaﬁl‘invwm K

. rationsip datam. :

%ﬁ NamH’tA.C D.E.A&CB EF..,MIL

..g;gzg: aquah A.B:D. I-‘.lerg_qA datq:

o T carall,

Ratigiies ex datis rationibus compofi (zadatp
G, UtAﬁtch,&Cdam, .
. 5 T 7 .

. ) Zgs. Pror.




o EVCLIDIS Data
. ...~ ProOP 9
A. B. C. . Sidue,plurefoe mapindin
D. E. F. _lA’Bs C‘dl"mi‘mb‘mm[‘*
’ nem datam , babeans awsile
. itudines Ay B, C ad alias quafdom DEF
, yationes dazas 5 etft non eafdem ; ille aliempv

dines D> E, F etiam ad imvicem habens 1w

datas. ,
5. NamratioDait exhdatisD, A, Biep
“E . k¥ 1
4% dgtur.Eadem de caufa datur E, Q.E.D. .
2 - F
" . P RO P IO.
A. B. C,  Simagnitndo magnitsdimemit
o fuerit data , quamis vainei 6
woul utraque ilia eadem major evit dasupun v 14
sione.Sin autem fimul usraqs magpitul ulon w-
gnitudine major fuerit data,quam in ime¥ 1
Jiqua illa eadem major erit dasa Guam is it
~yeliqua ddta eft cum confequiente, ad quen babe -
tera magnitkdo ratiosem datam. -
1. Sint A, & B datz." s erit B 44 C din.ber

D I . €

oA —+ B+ CC C data q. jor. QED

" 2. Sint A& B~ C datz : eergoBdifu'-
’ t

oo [+ v
proinde A B T~ Cdataq.inr. QED
3. SintA— B, & C datx. d LiquaBdn
QE.D. . . FFe -« %
R T PROR, In
A. B. C.  Simugnitudo magnitudine mjt
S [fit datg.quam in ratione ; eadens f-
ikl utrague mafor evit data quans in rasiose. Bt
todem fimul-usvague major (fc dgra quam jn ratip
neseadens reliqua magnitudine major erit dats ques
i yatjons. T 2o
-4




'w  EVCLIDIS Dats, 361
’ 1. A&B dantur. e{g(;%gat}:r proinde s
r 0, d
/{"/“;bA_..B[:“B—deataq ing. ?iE D. c;a:“'_
"“ﬁ‘ 2. ALE Bdanr\gr ¢ ergoB dg ur ,. promde

”ﬂbA—i—BC‘C dat:q inx QE ‘D,
" PRopr I
1‘" A. B. C.  Sifuerint tves magnitudines
AB,C, & prima cum ﬁcunqﬁz
i) (A ~+ B)data fit ﬁ-cumla quogue cum sertia -
il (B C)data fit 5 ant prima A tertie C equalis
utl eft, aut altera altera major data.
f NamﬁA+B,&B—i-Cparesfnt,‘llquetq.x-, -
u A&C tquarl slnit=i impares fueriot, b liquer b ¢ ot
» cxce(IumA .CyvelC _ A dari. QE.D..

i, P RoP ‘ig. :

ith D, A3, € s fuevint tées m4gmmdmcs *

e E- : D, A~ B, C, e earempri- -~ -
i me D ad [ecundam A-8B . -

' habeat vationem datam ; Jecundaautem A—~-B ser-.

?';’ ‘tia C major fit data quam in tatione; przma guogile

" D major evit tertia C dara quam jn ratione. R
Sint A, ‘&B, ac c D datz; s fitque A +B. w2 defd,

p T A-Fm ol
it D:;A Ek::BD'—Emrgo@-E 4& B drips
! e 8.dve.

& (ob Bdatam) =(‘ > dantur. Fquare D (E Sy frnefd
"Ua D..E)L_—'Cdataqmr QED. |

f - l? R OP T4 o

A. C .81 due. Wﬂmmdmﬂ A é‘ C

B ‘D. ad invicenmbabeant vationem da- &
"1: K E. i " tam 5 wtrvique aukein illarem adfi- .
[

. ciatuy data magmtudo Bor D
#  -tota betB, C =k D akit habent paiioném datam, -
o qut altera A—+B altera C-I-D maior”evit. dara.
inf guang ip mmn;
Nam




p——

: EVCLIDIS§ Dgté.
Nam fi A, C ;:B.Ds:: A +BC4D

s ob Abdatam, ¢ liquet é—:_@ dari.

c - c+D . -
4, . Saltem &Gt A.C s E. D.as: A+ EGHD:
Ergoc A —+ E acs E, fideoque B - Edat
4 C+Ds «. - . S
£ proinde A—+B (A —+E: +B=E)Ct
—+Ddataq. inr. QED, N
c Pr 2&. 13, .
A. . . S8 cmqnm&','nv,
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: z o ,

"PRroOP 55

. - paagnithn

A\\ A\ yg‘mic "

A T s fuerit &

& Co B : c ,.Djmltm‘(“
<.) magnitadine data erant.

Nam adquamvis C D « fac 'Y fimile ipi X
A ) o facY fimile 1p? &
hoc fpecie & magnitudine datur. bego Y&

tur. cquare CD datur. 4 ergo AB dae o

QE. D, -** L
L P‘QP'

’




Wk EVCLIDIS Datl  ygq
i . PRovP. 56. ‘ i
.' I € . Sidue aguian- :
. G y ula paralielogram-
Ot R ReAC, BF Abue,

vint ad invicems ra-

] l‘ :
Ay A - B\ \ tionews datams , oft
oL _ w primi latus AB -
G ad fecondi latusBE, - l
L . da veliguum fecun-
"% Jatus BG «d vams BH , «d quamalierum primi
‘atus BC habewyationem datam s guam babet paral -
f:'tlogrmmum AC ad parallelogrammum BE.

. Nam duc HK parall. AB. Liquet el BC. av.6.

¢

BH4::AC.AH 4:: AC.BF. QE.D. %‘l:-‘i;
‘ . RPROP §7.
puie dev 57, .
.l v 8i datum [patisnnAC
::::;ng D ¥, O sddatam retan A'B

e applicatum fuerit 5 in
'f,hﬁ;_ _ _ a_n}gulb BAD dato, da-
0 tub applicationis ali-

" : tado AD. :
i o A B ¢ Erige perpendi- » 1. .
“cularem AE. eftque AB. AE 4 ABy. AB x e
f: j AE et ABg.p r. AC. sergo AE datur. quare g .0'¢ .
o E duc parallelam DC, e bac abfcindet quz- :‘:-& &1
Y\ gt camAD. Q. E.F." . oy
7 '

.

te PR op. 58.

F "$i datum ad datam veBam applicetuy y deficiens
ik data fpecie figura, lacitndinerdeftttusdasa funs.
” i Non differtd vigefima oQtava fextan

o PRrRor g9 _ _ .
 Sidatum ad datam refbam applicetnr 5 excedens. i
data [pecie figura, lasitudines enceffus dete fum.:
it~ BedemeR cym vigefima nona fexge. '
T Rop

¥

[ T



3Qo EVCLIDIS Dats,

PROP 6o .
A , B i dauw iy
' B rallelogramma (1 |
Esvel DB) dugre | 41
I I mone HCE aglﬂ_'f:
: vel minuarar; v
D € dine:gndmul’i . L
F EBdatefon.  |oha
: 3:": 1. ¥yp. Liquet totum DB tam -magnlf')di' gy

e¢s.du.  D€yquam b fpecie'dari, ¢ proinde & latitodds | grem
diy. AB,qAD; gc;uibds ;dfef ' datas AB; AU | Y fp
" ‘emanentEB, HDdatz. Q.E.D. - | N
2. Hyp. Liquet HE b fpecie, & ¢ magn. ¢ &% | g

- ¢ quare & Jatera AE,AH ; -hac deme ex ddatis ?\id

. AB, AD 1 esemanent EB,HD datz. QED-  (
PR oPr . 6
’ L . ;o Sid dll‘“]?“k ﬁx"
)L S _ve ABCD wnim lav [ g,
. AB applicersr it | e,

Al primmuns [patise AY g g
fB xg:dngulo B{;E"‘”" b

. Deat autem durd g

: J % -AC ad paralliiogriv

B G - E. LI mum AF pasioeem de

tam; parallelogrammuns AF [pecie datwm of

- Ad DAG protraltam duc (perB) P? Ai
¢ Jam, cui occurrant EF H, & D K P_ml!

. Acqbé%). & ang. BAD 4 dat. sliquet 8"

. A C . 1 AR
et 6 AK fpecie dari. bergo AK & ,cpfomde’ii’ B
. . i - —p— A

. A . eerpo AB &
o dn.  @vel AK, ehocell AD danrur. eergo AB & |0
3 def.d. AN AG B N:
tur, Item ob angulos E, & GAE footos ¢ dr fa
tur AE; ¢ ergo AB datur. bunde pgr- AF fpe tog, |
. AG. ' T Zf - '
dedarur. QE.D,

250

e
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M EVELIDIS Daa.

h , 38 | SN
b o P ROB 63 :
i N\ Si die ve-
i : " . 8eAB,CDH
) —— ad invicent
wl(t m babeant ratio-
; B " nems datam ;

L .

ord &b una guidens daia fpecie figura X deferipta fity

iwb alsera autems fpatinmy payalielogyammum Y in
ws@gwlodato ; habeat autem figura "Xiad parallelo-
piigrammum X vasionens datam ;_pavallelogrammum

MY [pecie ditum eff, R

) " Namad AB fit pgr. Z fimile ipi Y. s Hujus .
.y Tatio ad Y,8 b proiﬁde ad'X datur, t"éjnlgue an- ;éﬁ.‘..
© %ﬂi dantyr.dergo Z fpecie datur. » proinde & ::Jlf*“
s s Q_-.E- - T o5 dfid
, - . . Pror 6 '
p  Sittiangulums fpecie datum fityquod ab unogurgi .
o daterum deferibivtir quadrasum,ad tviangulum babe
s bis vationem datam, - o S
b Sequitur ex 49. bujus: .. . . SRR

f

N

P-roP 54
A S rﬁangﬁlum ABC ai-

s guluin'obtufum ABC da:
¢ " tum babeat 3 iflud fpativm 5 _
g quo laews AC obtufum an- )
K " gului fubtendens magispo- . -

. . ,}Eﬂquamlmqg”A,B.; cs o
: € B D tefurs abgulumi ABC - R

) - . ambientia s ad triahgulum
! A'B C habebit rationem dasani. . . .

i Nam demittatur A D perpendicularis produ-

{ &=z CBD. atque ob angulos s ABD, & D da- 44 dis.
b tos, b datue BD; ¢ hoceft BD X CB. 4 ergo 21"-6“"

—— o ———

.  AD . ADXCB . 8. dd?
. 2 BD
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38 EVCL I1DIS Das,
fevt. . 2BD x CB, hocelt; ¢ ACq — ABy~CBib ¢
58DxCB’ Frriang. A B¢

tur. QE.D. L
" Prow 6. .
- ot - ﬁ“m‘“ M'
A englum giuun Cb
.mMm;; '%
A58, g0 (atps A5 7
gulum Cﬁ'ﬁhﬂ‘zf
aminis powfs, gaw
€ sera AC,C B angie
. . . MEREUm c ambientiy
. , babebit adtriangulum A C B rationcwdata®;
240.4r,  Namduc perpendicularem AD.Daturs f%
S A
bes. thacef CD ¥ BC. cergo.2 CD iBE' bpe
Clde T "ADXBC - 3 TADKIC
diss, et 4 ACq—+BCq— ABqdatur. Q-1
. e 'l-n‘ang. ACE - ..

-gop, '
Si triungulum ACB habuerjy angalion C datvs
quad fup yedtis AC , C B daiing anglim C
. Prebesdentibas, sontinetur r;&t{ﬂg\u{’"’ babebit ¢
wiangulum ACB ratianem dasgmh,
840.dn. - Namin figyra przcedentis; e‘f‘(f_c'«f bot
g © WD

| I3

;o 2CxBC, chocet ACT BC dra 4

ADXBC | atriang.ACB .
AC xBCdatur. Q. E. D. . . -
i

Pror

N
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T EVCLIDIS Data. 383
Al N » '
af A1+ T
f R
.
w o BT
s o8 -
) '
s Sidviax ABG, habuerie dmnm angulum
(3 BAG; ilind fpatinm,quo die dasum amgulum BAG '

y comprobendentia lesovavanguamunarede B A =

(i AGypdus poffunt, quam quadratum & réliquo latere

(7 BGs ad sriamgutum ABG babebit rasionem dasam.

w ~ ProducB A itaut AD= AG.iperBduc BE

y.  Pparall.!AG; cui occurrat ‘DGE. denique duc

i normalemBC. ' /

Liquer ang. Ds==AGD ¢—E. cquase BE== ay. 1. ~‘

- BD, ideoque EC = CD. eergo EGxGD + 229. ™

" €Gq—=CDg. proinde BDgq f ?CDQ ~+BCq)ders 3

" g—=EGXGD—+CGq~+ BCq—EG3GD * Ay

BGq. lamob angules AGD & D hfubduplos ,ﬂ'a:.' . |

dati BAG, liquetkA D> ideoq; ADqdari. Cum ;47 K

.. DG DGq ok ,4:..&:.-

¥ igitur BA x AD. ADq /:: BA.AD 7:: EG, 116

“GD M EGx@D.6Dq,& permutando BAXAD. :‘:_'d&. 4

¥ EGxGD::ADy.GDg; " erit BAXAD ;5 o hoc ocanfire

) g : EGxGD ‘

¥ e BAXAG data. PAqui BAXAG daturs 1 er- B fov
EGIGD . riang. ,AGB ’

go £G x GD datur., Q. K. D.

o e ot oo ama |

PRoOP



1 384 - EV’CL[D IS Dﬂt,;.: R
Pror 6.
D N & duopariin ]

--‘_‘. ; amma
" iy Deant ad im® |

f!"/ A B\\ 53".’.’32’1,’,1.’;‘.',%
. @  § "E

ad_unum lass
_ habeat rtriM“‘ i
tani; & veliguum latus BC ad religuwnlars® |

’ babeliit rationem datans, H
#2igs - ‘Nam lit AB.BE:: BG. BH. aergo 364 | o,
i ¢ ol . " v
T %4 eur. bitem BC datur: ¢ efgo BC danr: o
't ) BH 77

PR o . "PROP 69. .
‘ ' L fi
A - B I s

LAY
[ J A a

GKFH

Si duo pdrdlc[bgfamw AC,BF datosarfulet b

- . babeant, & ad invicem rationem dasam; habeat 4%

tem & unum latus AB ad umum lasus BETativne®
datam ; & véligunm lgtus B C ad yeliquow s
BG babebit rasionem datam. - Ly

. Laterd AB, BE jaceant in diréftum. profi€ {
gKBKsac GF H ad occurfum cum EHp#a

&y, Ob « ang. KBE (ABC) & pgr- * A_?’VJ
. . b e . - ' “
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W EVCLIDIS Data.’ 385
A C& s/ Bdaas; ¢ liquet 'K B dari. item eb b 3¢ 1.

I B - Bc dbp &

lap ang. G, & GBK d datos, ¢ datur KB.fquare BC 4des.
M — ¢ go.day;

g Be - Boi%im

ACJ, datur. %E. D.
va A :
| . P Rop jo
moi .

at Si duorum parallelogrammorsm (AC ; BH , vel:
ai  BF) circa equales angulos (ABC , KBE) ant circa
uw  Thequales quidem (ABC s GBE) datos tashen , la-
*" ttra (AB, BE, & BC, BK', & BC ,BG) adin-
i Vicem habeant rationem dasam ; o ipfa puiallelo
" giamma (AC,BH ; & AC ,BF) babebunt ad in-
g Vicem rationem datam. . :
- Nam {in fig.preced.) it AB, BE :: XB.BL. &
duc LM parall. BA. Coo .
Primo, Quias AB?ideft KB gac KB datz abp.

- — o e be
B, B, CB 8
funt, ¢ erit CB, dhoc eft- AC e vel pgr. AC data. d -
. Fu- 1
fhyp

R

on

R Y ¥ ) B '
| QED.. o Y
| Secando, :Ob angulos G y & GBK g datos , gg:{-
£ datur BKitem p CB dataeft. ¢ €rgo CB dan "
. Be 5 Bk
tor. proinde, ut prius, AC,hoc eft pgr. A€ da-

vﬂll's Q'.'E’ D.

Bb' . Prom

-




540,

336 EYCLIDIS Datq. -
ST T PROR T
.. .‘ : N o . » D 775“'

. 81 duorsum triangalorum ABC , DEF, dinue
quales angulos ant civea inequales quidem,daros -
men (“" (’“ D) lﬁtuﬂ AB )DE , @‘AC; DF’J
ivpisem habeant rationem dasam; & ipfa miogrhs
ABC,DEF habebunt ad invicem yationen duiew,

: Nz cempleaneus pgra. AG, DH. sbazcds-

tam habent rationem,b proinde & trigova ABCy

-+ DEF iflorup ¢ fobdepli: Q..

L PIR 0o P. 7.2.

-~

¥ "‘.'.{.:.‘;g{ M D"

:BG C EHT

- S{bvoriin siengalogym ABC , DEF & fé
BC: E¥ fuerint in ratione data , ¢ afesbarng |

lis ad bafes (AG,DH,) que faciant ang. 8GO
DHF equales, aut imqu)dje: qujirdem, jédn‘tgamm de
105, habeant ad invicem vationem datam ; 1)
¢riangule ABC 3 DEF babebunt ad invicem rai*
nem datam. -

Nam duc BKadA G, ac E M ad DHp*
ranelas y & COmp'e pgra. CK, EM. Hcheba'

bent gl!asta 70. hujys’; quare triangula corum

%la ABC, DEF rationem habent data

Fo ' ProP |
~ ’ .' : '
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EV_CLID-IS Data;
Pror 73 . :

N B
Si duoyitm pavallelogrammerum (AC 5 BE , vel
AC , BN)circa .?mles angulos , akt ciréa ine-
quales quidem 5 fed:tamen datos ; latera adinvicems
ita fe habeant, ut fit guemadmodum bringi latus AB
ad fecunii latus B lg » ita velignum fecundi latus

(BGyvel BM) ad aliam aliquansveftam (BH, vel

BI;) habear autem & veliguum. ‘pr'z'iriz’ latus BC ad. .

eandem refbam (BH vel BY) ratiomem datam 3 ¢
ipfa parallelggramma (ACy BF , vel AC,BN) ha=
bebunt ad invicemrationem datam.

Nam 1. Hyp. liqueta CB bid ef AC  da-

o B, Xue(F¥) § 2
.- Q. E.D. : : cl':&

2. Hyp. Duc parallelam IHK. s Liguet an-

3%y

¢

»

gulos IBH(GBM) & BHI (ABH) dari. 322,%¢

il Br : ,
CBhoceft pgr. AC dvel AC datur. Q_E. D.
Bn B - B—'N 3

" PR OP. 74
- 8i duo parallefogramma datam rationens babeant,
aut in equalibus angulis (ut AC yBF) aut ine-
qualibus quidens | fed tizmm’i;tjf ut AC, BN ;)
erit usprimi latus AB ad fecundi latus BE , itaal-
terum fecundi latus (BG,u BM)ad eant (BH, vel
B1) ad quam reliquum phimi latus B C rasionem”

haber datam. 9] .
Bb 2 Nam*

N

H,;, bergo BH datur. item CB ¢ dataef. ¢ proinde gﬁ:‘t
35, 1.
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a §6.der.

*byp.
by 6.
[ 3.4.'.

EVCLIDTIS Data

Nam in fig przcedeatis. 1.-Hyp. o Lique
CBdari. Q. E.D. - o
a‘?i E . .

3. Hyp.ut in pracedenti, datur B, ac exbypr

L BH
AC ' item AB.BE::4"MBBIs:: GB. B¥
B (%) _ T |
@ quare C B etiam datur. ¢ ergo CB daraef
B# OB

Q.E.D.
o PROP 78

D

Ve, J

Be—y v
. G ‘s.'.i'_[

. 63 duo riangula ABC » DEF adimicon bt

<" gt vationem datam s aus in angulis (A,D) equal-

e :' fecundilasus DFa ‘
T primi lasss AC habet tationtm datam.

1 bus, aut inequalibus quidem fed tamen datis 10t

, primi latns A B ad [ccuridi latus D E,ira aleersm
gtis ) cams reftam, ad quam religans

‘Nam compleancur pgr. AG, DH. Ergo
pracedentent. : :
PRoOP 76 o
A Si A trienghl

ABC fpecie dati

_wertice Almegpr

pendicularis b Da

: gatur ad bafm BC,
e linee ADM

B - bafim BC habebit
- D . €  raiionem duam.
S Nam

Hte

o
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- EVCLIDIS Dats; . ’89
P Nam ob angulos , * B, & ADB datos; ¢ datut *syp.& 3.
L AB ¢ item AB datur. b Ergo A D darur. 92, -

QE D. BC B BC b8 dar,
B
lm PRo P. 77,
“BW 8 dute f;‘.
“ ghre /]mzeX,
ﬂ!ﬂ fd Y ad invicem
i . babeant yatio-
- e datansy &~

uodhlm latus “nius AB ad quodhlm alverius latis
. CD habebit vationem datam. .
Nam oA Bq, &b 'Y Y, ace- promde %Bq datur, g des,

/f,

D
\ item CDq datur. cergo ABq » ac ideo AB da. c&,,,
-

t'ur QED
- PROPR 78.

i N ._
AN e
l; . - - B i
4 i N ! . N
;o A B P

si data ﬁgum Jpecie X ad alignod re&angulum

¢ "DCE habeat rationem dasam ; habeat autem ¢ y-
nam latus AB ad snum latus DC vationem datanm;

rebangulum DCE ﬁﬁmc datum efd. -
' Sxtg)C AB:AB. CFocrgo DCdatw u -

Trem ob’s X,& ¢ X datas. & erit ABq a ct hoc ¢t J_,,

ABg. DCE.
DC x CF, vclei,Fdata promdc.-DC datur. er. ¢
FD e [ £ 3.4,

quare re@ang. DCE fpedie datur. Q. _E.D.
N Bb 3 Provr,




EVELIDIS Dats,
- ? xXop 79

2 4.8,
big. 5.
€ Mp,
e33. L.
f39.12.
gxd 3

7.3 -

k5. 3.
3.3
mané

. Siduo triangula ABC s GEF unam anguisn
BAC uni angulo EGF equalem habeantich equdl-

., bus antem angulis BAC , EGF ad bafes BC, EF

perpendiculares agantwy AD, GL ; fuguent primé
trianguli baffs ad perpendicularem , iy & dierits
trianguli bafis ad perpendicularem (BC.AD:EF:
G L;) illa triangula ABC , E GF eqimplt
unt. e
Citca triang. GEF Hefcribe circulym Facang,
FEH == B.Connedtd HF , HG; § demittc per-
pendicularem HK,™ Doha N
Liquét triangula ABC, Hgf,*mjnsx,

" ac ACDy#HFK-equlangyla fofe. ProindEK.

KH:BD.DA«&FK.KH:CD.DA
b 4uare EF. KH:: BC. DA:¢EE. LG
‘dquare KH=LG. ¢ ergo HG parall. KL.fus-
de ang. EGH=— GEF. gergo arcus EH, G,
p ideoque anguli EFH, GEF aquantur.  ltem

*: "ang. EHF=EGF. ! ergo trigona EHF, EGF;

m proinde & trigona EGF , ABC fibi mutuo &

. Quiangula funt. Q. E. D.

1. N

prot

1
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wiw . EVCLIDIS Diiel  5yx

L
X

GEFe
i
Y
6li
i
r’d]‘!
B

Propr 8o o

. Sitriaxguium ABC un
nhm angutumsA dutuns ha-
buerit; gnod autem fihlaer
tevibus AB, A C datmns,

| angulum -comprebendenti-

}* .

s ———t I:u:thiue;mj rei angniii,

babeat ad quadrgtum reliqui lateris BC ‘rasionem - ")
datams triengulim ABC Jpeciedatumeft. 1, . )
Nam Q: 'AC—+4AB: «— C Bq’ vocetur, X,
4ergo X _,'_Iz &ACxAB; & ¢ prpg.tc:ea«; “Z' ‘:,":;
triang. ABC. x-;i';n—g._a-l';—é ; ) c8du,
___)‘C__'ldata elt: 4jtem’ ACf;AB. dau}r. ‘,crgol,dbp.
: <E , o
X, ideog;X+CBq, fhoc ef‘l! Q:AC —+ AB, ;g date :

P e Ty

CBq L T . . CBq -
datur. gproinde eridng. ABCfpecie datuur. QE.D. g 46, das.
PR or 8 . ¢
A, D Si tres yelte proporsionales,
B E.: As B, C etsbus roitis proporeso-
‘ F.  wnalibus D> E, F extremas
. A D5 & C,F babuevine in:
yatione data; mediag quogue B , E habdhint in ra-
sione dasa. Et [fextrema A ad extremam.D, ¢ nie- .
dia B ad mediam E babeas vationein datam 3 & re-
liqua'C advelignam F babebit rationems daram.
Nam primo,ob A & € datas, adatur A4 C, ayo. dan

.
-

D F : DF
b hoc eft, Bq- ergo B darur. Q.. E. D, biy. 6,
. Eg E ‘ " . - '
Secundo, ob ¢ B, 5 hoc eft 4 C datam, & ¢ 4 IR
' ' Eq . D 8 ' T 5 ) X T
datam, “datur €. Q. E.D. . d6s

Bb4 P3on
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- gos &e.

€ B . SidiergeAB ACK

EVCLIDIS Dats.
Prorp 32
A. B:D. E.
B. C:E. F
~ 8i guatnoy vefte proportionales fuevint (A.B:
D. Eg erit ut prima A adeam C, ad quam fo

- daB rationem habet datam, ita teytie D adean |y

ad quam quarta E rationens haber dasam.
Nam quiaB. € :: «E. F. & ¢ B dataeftjbe:

.- c
rit Edata. atqui ex @quali A.C:: D. F.oe
- B ) )

‘' Provr 83

" A. B. C. D.- i quatuor yette 4,8.C.D

E

E. = jt&adinvicem fehubeart 14
© tribus ex iig. quibsfongst

)

' émpti‘sf A,B,C, 0 guarta ipfis ,-o”;nf;jmhd;-
: {épm E, lé quam r'eliqqm D ex quftu{r refbis prt-

portionens babet dstamserit ue quartq ) ad tertisn

C,ita fecunda B ad eam ¥, ai quam pabes prims
rationet datam. = .~ L .

- NamAE « ==BC b= D . &duursDs
A : - -

¢hoceft AD, d vel AD, ¢ vel'A. ergo, &,

Y PF  F
PRop 84

.

anghlo A duto;fit antem alterd

, ] #4m fpatium - comprebendunt in
~, A B altera A C major dus

A D DB; etiaw anaquegieipfaron

e
€ $9..d.
8y 4.

o AB,AC diteerit. .

.. Nam comple quadratum A-E. . Hoc fpecie
dacum eft. 4item per. CB, &.recta DB dantur,
cergo AG, vel AD, & tota 9 prpinde AB darur,

Q. ED.
N Prorp:
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EVCLIDIS Datu, 393

P roP 8.
Si duerefie BD , DE datum [patium compre.
bendant inangulo BDE dato,fit autem [imul utrag;,

(BD-+DE )data s & ekrsm quoque unaquague.

BD, ©* DE data erit,

Napa fume DA—DE, & comple quad. DC."
Hog/fpecie datur ;- item pgr- BE , &retaBA |
s dantur. sergo AD (DE) &ereliqua DB dan- 4y, ~
tur. Q. E.D. N . ’ b8 dw, -

. e . Cqdn
PropPr 86

B C S due rea
. AB; AD datum
Jpatium B D. com-
| rebendant i ane
’ N gulodato ; quadra-
4 H tum a untus
A. . v D A D gquadrato al-
perius AB mafus fit dato quam in rasione ( nempe
ut lit ADXAE datum, & * reliqui ADXED ad * & &
ABq ratio data;) &~ utraqueipfarum AB, AD
datserit. - - , i |
Nam obBD, & DAXAE's data, bdatur 4,
_BD. cergo AB dideoque ABq datur. ¢itenj & i
Dazi® = B  AEa S8,
ARq  datur. fergo AEq  ideoque_ AEq son
ADXED»> ADXED, 4AD:ED, (30
g % 1}_1}1___ b hoc eft ___é_{ig_ datur. ﬁg_’, -
#ADXED:1AEq QAD—kD  k§4 dur,
kergo - AE_ & !componendo AE *deoq; » s’
T ADTED; ZAD, mi e
AE mhoc et ~AEq datur. denique igitur ob-
AD. ADXAE . . . oy dat,
¢ datum ADXAE, nerit' AEqdara. o ergo AE, a¢y. ém.
& p proipde AD, acAB datzfun;, QE.D. P#7

Prowpn
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(-3
b33

1S

a8

n By,
. 9‘;._“.:9’ o

“wanapOn s
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