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pzﬁ‘ola Dedicatoria.

, _quplam de alio bene mere-

r1 poflit. Hunc autem jam-
dlll eft quo ex fingulari ve- -
fira bonitate mihi indultum
experior ; ejulque fenfus,
intimis animi medullis in-
hzrens, ipfi ardens ftudium
impreflit quovis honefto mo-
do reciprocos. affeCtus .
dendi. Quandoqmdcm ve-'
ro ea fortuparum mearum
tenuitas ,. ea veftrarum am-
plitudo, exiftit, utnecego

“alia quan gra’tx alicyus
agnitionis fignificatione uti-

‘queam, nec vos aliam admit-

~ tere velitis ; ea propter haud
“illibenter hanc occafionem
“arripio, honoris & benevo-
- lentiz , quibus vos profe-
o quor, pubhcum hoc & dura-

bllc




~ Epsffola Dedicatoria.
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bile pmusouwor edendi. Etfi
cum oblati anathematis exi-
litatem , & libellum vefiris
nominibits ~ confeciatum ,

- quam is longe” infra veftro- -

ram meritorum dignitatem
fubfidac, attentius confide-

-ro; timor fubinde aliquis &
_ dubitatio animum inceffant,
‘ne hoc fiudium erga vos

meum vobis ‘dehoneftamen-
to {it potius quam ornamen-

to;lcilicet memor cum fim,
- utmalz caufz , fic & mali li-
bri patrocinium in patroni .
- contumeliam magis quam in
 gloriamcedere.  Sed quum

veftrarum vircutum id robur,
cam fore {oliditatem , reco-
gnofcerem ; que veftrum de-

- €3, Meo quantumvis labefa-

* 3 &ato,
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&ato, inconcuflum f{uftinere
Po{ﬁnt, idcirco non dubitavi
vos in aliquatenus commune
mecum periculum mduerc,
Virtutes illas mtelhgo qui-

“bus nemo unquam in veﬁra
- ®tate aut in veftro ordine,

faltem me )udlce,ma;ores de-
Prehendlt, quz vos infi igniter
gratos omnibus & amabiles -

' reddunt,ex1m1ammodcﬁnam,

fobrietatem , bemgmtatem
animi, morum comitatem,
prudentiam , magnammlta-
tem, fidem, pra:claram infu-
peringenii mdolcm, qux vos
ad omnem ingenuam {cien-

- tlamnon tantim excellenti

captu, fed & appetitu forti

ac ﬁnccro ,inftruxit.Quas ve-
firas prxclarxﬁlmas dotes
prout
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prout nenio eft fortaffis qm
me raelius novit,aut procon-

fuetudine , quam jamdudurn
 vobifeum dulciffimant - co-
luiffe ¢x veftio fivore mihi
‘contigit,penitusintrofpexit,
" ita nemo eft qui imp’cﬁﬁu’s’

miratur & fufpicit’; aut qui
ipfas libentius predicare ac”

~ celebrare veliet -fi non cum

eloquiimei yires fuPcrgrede-
rentut,tim etiam-que in fin-
gulis- vobis elucent ,prolixia- -
licujus commentarii aiit pa-

negytice orationis liberta-

tem, potius quam preftitutas

- hwjulmodi falutationibiis an-

| guﬁlas, expofcerent. Quin

potius- divinam clementiam, -

~ imploro ,- ut vos-eardndem

virtutum {an&o tramiti infi-
* 4 ftere,




ftere, atque hos egregios fru-
&us vernz veftrz ztatis feli-
cibus incrementis maturefce.
re concedat; vitamque yobis
~in hocfeculo ingenuam, in-
nocentem, jucundam, & in

futuro beatam ac fempiter-

nam tranfigere largiatur. Mi-

nirme autem dubito, ne pro. -

confiieto veftro in me can-
dore hoc ultimum fortaflis
‘quod vobis praftare potero,
benevolentix erga vot & ob-
fervantiz teftimonium, ala-
~ criter accepturi fitis 5 quod

vobis propenfiflimo affe&tu

_ offert -

Vefriin sternum ,'ammtiﬁi,mu:,
° pe
- g obfervantifsimys,

. .Ir B'
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Benevolo LEcTO R 1.

SN quidin bac elementorsm editio-,

QL3 nepreflivum fis 5 fiive defideras,

XX amice Leclor, accipe s pro genio

- NSTA3 operis,breviter, Adduos pracipue
fines conatus meos divexi.  Primum, nt cum

requifita perfpiciirate funimam demonfira- -

tionum brevitatem cmjung?nm s quo eam -

bello molem compararem, qua commode abf-

que molestia circamferri poffet, 1d quod affe-
cutus_videor 5 fi abfensem Typographscura

_ non frafiretur. Concinnius enim quifpiam
meliors ingenio gut majori peritia excellens,
at nemo forfan brevius plevafque propofi-
tiones demonfirqverit 5 prafertim cum in.
numeto & ordine . propofitionum ipfe ni-
“bil immutarim , nec 'licentiam mibi af- .

| fampfetim quamcunque propofitionem Eu- . ‘

* clideam procul ablegandi tanquam mim{r.

\ - mecellariam , aue quafdam fasiliores in
axiomatum- cenfum veferendi 3 quod nen-.
nullifeceruns : inter quos pevitifimus Geow

\ metra Andy, Tacquetds 5 quem ideo é€t-

iam.nomine 5 quod quedam ex eo defum-

Pea agnofiere honestum duco 5 poft cusus

slegantifsimam editionem yipfe nihil amﬂ;

- 2ar¢




Al sttorene -
tare voluw[em, fi non vifum fuiffet doc't:f
fimo viro non nifi oo Euclidis libros fus
curi adornatos  publico communicare 5
. 1?Itqml feptem 5 tanquam ad elementa
Geomesria minws: [peitanchibus 5  ommino
quafi [presis atque pofthabitis, Mibi au-
tem. Jam. &b imitio. alia provincia de-’
mandata fuity non. elements. Geomerria !
uscunque pro arbitrio confovibendi, verum .
Euclidem ipftm , ewnque torum 5 quam
polfem brevifime 5 demoaffrandi.  Quod
'cmm quatuor libros fpeitat, feptimam ,
oltayum , monum.> decimam , quAmvis
i ad Geometria piane & [olide elemen-
tay ut [ex pracedentes ¢ duojubfequen-
tes, nun tam prope perzineant; quod ta-
men- ad res Geometricas adinodum titiles
fints tam propter Arithmetice dy- Geo-
metrie Valde propinquam cognanonem )
quain b notitiam commenfurabilsum- & in-
commenfurabitium magnstudinum: “ad figw
rarum tam. planarnm quam folidarum in-
sellectum *apprime necgffariam ,  nemo.
efi 6. peritioribus Geometris  qui iguorat,
LQua vero wn  tribus ultimis libris con~
sinetur > 5 corporum vegularium nobi-
lis contemplatio 5 1lls non nifi injuria
pratermisti porust ; quando nempe il-
lius gratia. pofter ;u,vﬂmc s« Platonica.
fanmlia -pbi[qj&p/:m, boc eleingntorum f)’-
flema  univerfam  condidiffe perhibetar 3
: uti
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uti teflis eft ™ Proclus , iis verbis 5 “osm *lib. 2.’
& wgj vic oumions gexawTes TG dRpSTotte
gl W igrsgier araTsvay sgugey oUseeay.
# Praerea facile in ammum induxi ut 0. .
pinarer, nemini harum [iientiarum a-
manti non futurum effe cordi penes fe habe.
re integrum Buclideum opus 5 quale
pafsim ab ommibms citatur & celebratur, ‘1
Quare nullum librum nullamque propofirio- A
nem negligere volut earum que apud i
P. Herigonium babeneur 3 cujus vefls- i)
giis preffe infiffere meceffe habui, quo-
| miam gjufie libri fihemazifinis maxima
ex parte uti ffarutum erat , quod pre-
viderem mibi ad novas defcribendas tem-
pus non fuppeteres esfi “nonnunquam id
favere praoptaffem. Eadem de canfa
nec alias plerafque quam Euclideas de- b
manftrationes adhibere volui, fuccinitios |
1i forma expreflzs, nifi forte in 2, & ‘
13, & parcein 7> 8,9 libiis 5 ubi - |
#b eo wonnshil defleitere opera preriw : 1
Videbatur. - Bona igitur fpes eft fultem - '
n hag parte cum noftris confiliis, tam * ,
v fudioforum votis, aliquo modo fatisfa- C
| @um iri. Nam que adjelta fune in Scho-
i lis problemata quadam & theorema-
©ta, five ob (uum frequentem ufum ad oo
naturam elementavem accedentia, five ad
Corum que fequuntur expeditam demon- .
Srasionem. conducentia 5 Jen que reg. "!7‘:,'
- rHm

A}
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i A4 LCCXTOrem.
ram praitice Geometria quardndam praci-
puarum rationes innuunt ad fuos fontes ve-
Latas, per ea, ut fpero s libellus ulira deflina-
tam molem magnopere non intumzfcet,

Alter feopus ad quem collineatum ef? , eo-
rum defideris confuluit qui demonfti ationi-
b (ymbolicis potius quam verbalibus dele-
&antur. Inquo genere cum plevique apud
#os Guilielmi Oughtredi fymbolis affiets
fine , caplernmque ufurpare confulting duxi-
mus. Nam qui Euclidembde vid tradere
& interpretari aggre(fus it , hadenus, quod
ege ftiam, prater ynum P, Herigonium,
reperius eft nemo. Cujus virs lomge doctifsi-
#i nethodus, fane in myltis egregias acejus
pecnliari propofito adimodum accomodara o
duplici tamen defelbu Liborare mibi vifa
ef. Pymo , quad cum Propofitionum ad.y.
mius alicujus theorematis aut problematis
probationem addultarum pofterior 4 priori
B0y {einper dependeats quando tamsn ille in-
sev fe cabarent, quando noisnec ex ovdine fin-
galarum 5 nec ullo also modo, fatis prompee
mno:cfcere poteft: unde ob defetum con-
Jjunitionum & adjectivorum (ergov, rara
sus, &re. ) non raro difficulsas & dubitands
eccdfio, prafertim minus exercitatis , inter le-
gendum oboriri folent, Deinde [apenumero
evenit; ut pradilts methodus fupervacaneds

. repetcsionss effugere nequeas 5 4 quibus de-

wenjirationes eft quando proline , aliguando

i .




Ad LeGorem,
& magis intricata , evadunft Quibws vitiis

. noftermodus facsle per veyborum fignorume

arbitrariam mixturam medetur. Atgue
bac de opell# bujus intentione & metbodo di-

&a fuffiiant. Ceterum que iv laudem Ma- .

thefeosin genere s aut Geometriaipfins &
qua de bnflovia bayum fGientiarum , ideogue

* deEuclidé borum elementorum digeflore »

dici poffent s & reliqua huiufmodi ifungads
i lmq placent 5 apud alios interpretes
confulere pore}, Neque nos anguflias tem-
poris qued huic operi impendi patuitinec in-
terpellationes negotiorum 5 nec adjumento-
rum 4d hec findia apud nog egefiatens » &
quedam alia s ut liceret non smmenito, i ex-
cufationem obtendemus 5 metu fiilicet indu-
8isne bac nofira omnibus minws farisfa-

dant. Verum qua ingénui Leltovis ufibus

elaboravimms , eadem in folidum ipfius cene
fure aciudicio fubmittimus 3 probanda fi %-
tilia fibi compererits fin omnino fecss, relict-

. enda,

1. B
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Ad amiciffimum Virum,I. B. de’
EvcLI DE contra&o.

Edeyuopds.

' Al um bene ! * didicit Laconice logui

Senex; pyofundus, & aphorifaios induir.
Tmmenfa dudum margo commentarii
Diagramma civeuit minutum ; utque Infule

* Problema breve s, tabat in vaffo mayi.

Sed unda jam decumsit ; & glofla arior
Stringit Theoremata 1 minorss anguli

~ Lateribus écce totus Euclides jacer ,

- Inclufus olimvelur Homerusinnuce 5
Pluteoque farcina modo qui incubuit | levis
Enfit manipulus. Fellein exigua latet
Ingens Mathefis, mairis ut in utero Hercules,
In glame[e quercuss vel Ithaca Exnrus in pila.
Nec mole dum decrefcit, ufi fit minor ;
Buin autior jam evadity & cumulatius
Contralta prodeft erudsta pagina.

- Sic ubere magis liquor é preffo effluit 5

" Sic pleniori vafa inundat fanguinis
Torrente cordis Syfbele ; fic fufius
Procurrit aquor ex Abyle anguffiis.

. Tantilli operis ars tanta veferendaunice eff
" B.AR OVIANO nomini, ac folertie.

Sublimis enge mentis ingenium potens {

Cui invinm nily arduum effe nil foler.

Sic ufque pergas profpero conamine

Radinfque multum debeat ac abacyg ribi ;

Sic crej‘lcat indies feracior feges, '

Siwiilt colonum germine afsiduo beans.

Specimen future mefsis bic fer laber ,

. Magnaque famailluflria bec preludia, |

Tavenis dedie qui vanta, quid dabis fentx #

Car, Robotham,C A NT A B.
Coll. Trin. Sen. Soc. -




Ih novam Elemento_mm
EVCLIDIS

" Bditionem aD. I5. BARROW,
Collegii 88. TRIN. Socio,
viro opt, & eruditiffimo,
adornatam.
L - .
PBnigne Ledior! fi ufpiam auditam eft tibi,
Quantsis tenella Nix Geometves fiers
Que mille radiisymille ludiz angulis,
Totumque pure ducit Euchidem finu:
Amabis ultro cendidifsimum Virum;
. Cui plenanivium eff indoles ,ed quas tamen
Praclarus ardor mentis urget Enthee 5
Etufque blandis temperar caloribus:
Quo fuavius nil vivit & melius nibil,
» Is, 8um liguentes pelove excstit nivess
Etinde & inde fpargi¥, en aliam tibi,
Leclor bensgne, ¢ nivibus Geamertiam!

G.C. AM. CES.
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" Notaram explicatio,

= zqualitatem. 9§
. C‘ma.jotl.tatem. ’
-+ ==} minoritatem.
~+ plus,vel addendum efle.
— minus, vel fubtrahendumefle. .
~: différentiam vel excefflum ; item quan-
* titates omnes, qu fequuntur,fubtra-
hendas effe, fignis non mutatis. )
% mulriplicationem,vel du@um lareris re-
I &anguliin aliud latus. - )
dem denotat conjunélio literatum , ut
|AB=A)(B.' .
4/ Latus , vel radicem quadrati , vel cubi,
& N

Co . -
Q. & q quadratum. C. & c cubum.
. Q. rationem quadrati numeri ad quz
dratum numerum.

5

—
f

B0y

Reliquas; que ubicunque securiuntyvocabalorur

. abbreviationes ipfe Lelor per fe facileingelliget 5
exceptis iis, quas tanquagp minus generalis ufus,fuis

Rocis explicandas velinquimns, _—

LIB




1
LIB I
Definitiones.

% Un&um eft cujus pars nullaeft.
X 1L Linea vero longitudo lati~
tudinis expers.
111 Linex autemtermini fune
= pun&ta,
I1V. Refta lineaeft, qua ex 2quo fuainter-
jacet pun@a,” R
_ V. Superficies eft , qu3 longitudinem,,laity~
nemque tantum habet. :
VI Superficiei autem extrema funt linee.
. VIL Plana fuperficies eft;quz ex xequo fugs
interjacet lineas, :
VIILPlanys vero angulus eft, duarum linea- .
rumin plano fe mutyo tangentiun:; & non in di-
re@um jacentium alterius ad alteram iaclinatio,
: um autem qua .angulum continent,

linew ; re@ta fuerint , re@tilineus ille angulus ap-
pellatur, .

.X. Cum vero re.

3 &aligea € G fuper

reftam - lineam A B

- confiftens > eos qui

funt deinceps angu-

los CGA, CGB

=quales inter fefece-

' r rit; re@us eft uter

2qualiuym angulorum , & que infiftitreta linea

?ﬂ.G’ Perpendicularis vocatur ejus (A B) cui in-
itie, . .

A B

Not. cum Pinres anguli ad wnum puntlnm : fut
"_d G) exfiftunt , defignatur quilibet angulus tribus
literis , quarum media ad verticem eft: illins de quo
agitup ; ut angitys quemrelle CG>, A G eﬁctutlt-
od partes A vocaruy CGAvlAGC. -

A L Obare

) S
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EVCLIDIS Xlementorum
XI. Cbtufus angu-
* lus eft ; qui reto major
" eft,utACB. :
XII Acutus vero,
qui minot eft refto, ut
ACD. ’

E
mum eft. ' ]
X 1V. Figuraef,qua fub aliquo, vel aliqui-

C quod alicujus  extre-

_ bus terminis comprehenditur.

X V. Circulus eft figura plana, fub una linea
comprehenfa , quaz peripheria appellatur > ad
quam ab uno pun@o eorum, qua intra figitam
funtpofita, cadentes omnes reftz linex interfe

funt zquales.
) B XVI Hoc vero
\ puné&um centrum cis-
culi appelfatur.

X V11 Diameter
autem circuli eft recta
quzdam Knea . per
centrum dudta, &ex
‘ utraque patte in circu-

¥ ‘peripheriam terminata , qua circulum bifa-
riam fecat. !

X VIIL Semicirculus vero eft figura , quz
continetur fub diametro, & fub ealinea; quz de
-circuli peripheria aufertur.

Incirculo E A B CD. E eff centrum, A C dia-
metersA B C femicirculus.

. XIX. Reétilinez figurz funt, qua fub redtis
- lineis continentur. o .
X X. Trilaterz quidem, quz fub tribus.
X X1 Quadrilaterz vero , que fub quatuor.
X X111 Multilaterz autem, -qua:_ﬁ:‘b pluri-
bus, quam quatuor re@is lineis comprehendun-

XXTIL

D XIILTerminuseft,




ik S Liber I. )

AXXII.I._ Trilate-
rarum au'tem figura.
rum, zquilaterum eft
triangulum , quod tria
latera " habet 2qua-
lia 5. ur -triangulum
A.

XXIV. Ifofceles
autem ; quod dyo tane
tum-zqualia-b las
tera,ut triangulu

XXV. Scalenum
vero , quod tria inz-
qualia habet latera, ut
£LC.

e T T

*

XXVI Adhzc et
jam trilaterarum ﬂgurg-
rum , reftangulum qui~
dem triangulum ett, .
quod reftum angulum

habet; ut triangulum
- A

’ N\ XXVIL Ambly-
o Bomium ayeém, quod obtufum angulum ha!?el’a
o ut B,
o
iyt .
—

kY

A2  XXVIIL



EVCLIDIS Elementorsm ~—
' XXV 1L Oxygo-

nium vero » .quod tres
habet gcutos angulos,
utC.’ '
Figura ‘®quiangula
eft, cujus omnes angu-
1i inter fe zquales funt.

ufangulae funt ; fi finguli anguli upius fingulis
?rngtfl%s alterius l,int zq%al\es. §imil£;t de ﬁguris
_ equilateris concipe. , .

B re—— O

X&I1X Quadrila-

terarum autem figura-

dem eft ; quod & =qui-

l@{’crum s & reftan-

. " gulumeftut ABCD,
=

~
-

"

¢ XXX Altera vero

parte longior figura eft,
uz retangula qui-
em,at zquilatera non
eft,ut A°B C D.

X 3XL Rhombus
/ 3uem> qux'zquilate-
/58 fod re@appula non

Prigeta ?&“ !

Duz vero figurz =. -

rum, quadratum qui-

————— o



Liber 1.
XXXI1Y. Rhom-
oydes vero, quz ad-
© verfa & latera, & an-
gulos habens inter fe
zquales,neque @quila~
-teraélt, nequerefan- -
gula,ut GL M H.

XXXIIL ‘Pra-
ter has autem reliqua
quadrilaterz  figure
trapezia appellentur; ue
GNDH.

A-\-_._»_ " XXX1V. Paral-
B lelz re&t= l_inez funt,
ot o] } quz cum in eodem

Blabo , & ex utraque parte in infinitum pro-
‘tm;;“,rsm neutram f1bi mutno incidunt , uc

H x

) : XXXV. Parnl
) lelogrammum eft fi-
. gura quadrilatera cu-
3 jus bina oppofita la-
tera funt paraliela ,
A zquidiftantia -, ut

GLHM. -
XXXVI Cum
vercin parallelogram-
‘mo. ABCD diame-
ter A C dufa fyerit,
duxque lineg E F,
1 H1I, lateribus paral-
lelz fecantes diame-

D . FQ tuminuno eademgque
punito G, ita ur, parallelogrammum ab hifce
. A 3 . Pard.'

k
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EVCLIDIS Elementoram —

parallelis in quatuor diftribuatur parallelogtam-

_ma; appellantut duoillaD G, G B, per quz

diameter non tranfit , Complementa ; duo vero
seliqua HE , FI , per que diameterincedit,
circa diametrum confiftere dicuntur. '
Pro‘?lcma eft , cum proponitur aliguid efficien-
um.
Theoremaeft , cum proponitur aliquid demon-
. ﬂmndum. - -
Corollatium eft confeltarium , quod & faita
demonflratione tanquam lucrum alighsd col~
. ligitut. .
Lemma elt demonflratio premiffe alicujus , ut
demonflratio quafiti evadat brevior.”
. Poftulata, ¥

“1. pOftuleturs ut. 2 quovis pun&o ad quod-
vis puatum reftam lineam ducere conce-
datur. -

2. Et reGam lipeam terminatam in conti-

. auum refta producere.
3. Item, quovis centro; & interyalle-circulum
-defcribere. x B N
Axiomata. i

1.()uz eidem z«iualia >-&inter fe funt @qua-
lia. ,
utA =B == C ego A= C, velergo
- ontites A, B; C; zquanturinterfe.. .. -
Nota, Cum plures quantitases hoc nods conjun-

&as invenias,vi hujus axiomatis primam nltime &

uamlibet earum cuilibet equayi. Quo in cafu fepe,
evitatis caufa , ab boc axiomate cisando abftine-
mus ; etfi vis confecutionis ab eo pendeat, '
2. Et fi zqualibus zqualia adje@tz funt > tota
funtzqualia.
: 3. E¢

I

T e, e -

L ]

!



——— 1 LIbEY I. : 7
3. Bt'fi ab mqualibus zqualia ablata funt,
-que rclinquhmur funt 2qualia.
T4 Eth mm\luaﬁbus xqualia adjeftafint wtota
funt inzqualia. _
§.Etfi ab inequalibus #qualia ablata fint,reli
qua fint inzqualia. o o
6. Bt quz ejufdem vel zgualium fust dupli-
1, <ia, inter fe funt 2qualia. Xdem puta de triplici-
bus, quadruplicibus , &c. _ N
7. Etque ejufdem , vel 2q@alium funt dimi-
dia, inter fe funt #qualia. 1dem concipe de fub-
| triplis, fubquadmp‘}is, &c. -
\ 8. Etque {ibi mutuo congruunt , ea inger fe
[ funt zqualia. o ) _ R
Hoc axioma in veflis lineis , &p angulis valet
converfum, fed non in figuris , wiff ills fomiles fué-
rint. ' »
Ceteium, magritudines Congruere dicuntur, gua=
Yum partes applicatee partibus, equalem vel sundeys
~ docum occupant. L . o
9. Ertotum fua parte majus.eft. o
. I>. Duz reftz linex non habent usum &
idem fegmentum commune. = . .
1. Duz reftzin ubo punfto.concurrentes,
fi producantut amb ; neceffario fe mutuo in ¢o
punto interfécabunt. o
t2. Item omnes anguli re@i funt interfe =-
quales. - o

| 13.Et{i in duas re@as lineas AD,CB altera re-

&aBAincidens, internosad eafdemque partes
A 4 . angm

a o I
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"EVCLIDIS Elementorum

angulos BA D; A B C duobus retis minores fa-
ciat, duz ille reft@ linee in infinitum produtte,

fibi mutuo incident ad eds partes,ubi {uat anguli |

duobus reétis minores.

14. Du recte linex fpatium non compre«

hendunt.
" 15+ 8i ®qualibus inzqualia adjiciantur,
erit totorum excefluis adjunétorum exceflui -

ualis. .

18, Si ineqd:;libm #qualia adjungantur, erit
fotorun ‘exéelus exceflul eorum, que a princi-
pio; ®qualis. I :

* 17. Si db #duoalibus inaxqualia demantur,
etit refiduorum exceffus , exceffui ablatorum %-
goalie, .
18, Siab inzqualibus equalia démantun,erit
refiduorum exceffus excefliat totorum zqualis.

© 19. Ouine totum =quale et omnibus fuis
partiBus fimal famptis.

20, Si totum totius eft duplurh , & ablatum »

ablati, erit & reliquum reliqui duplum. Idem de
feliquis multiplicibus intellige. -

Citationes intellige fic. Cwm duo numeri oécuy-
Yunt, prior defigiiai propofitionem, pofterior libium.
Ut per 4. 1. intelligitur quarta propofitio primi
libri, atque ita de reliquis. Céteruin, ax. axioma,’
poft. poftulatuiis, def. definitiontmm,fch.Jchilikmcor.
‘corollarium denotant, &, :

g '
- — el - -
1 . .
e :
. H
et ———— - . ! L
N
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LIB I
Propr 1
‘ Srper data’ veltw Ui-
ned terminata A B,
trianguinm . equilure-
rum A BC conflitue
re.
Centris A & B, eo-
dem intervallo A B,vel
B A's defcribe duos a 3.paft.
cxrculos fe interfecan- b1.po.
tes inpun@to Cy-ex quo b duc e@as C A, C B. § 5%
BrltACc‘_‘E ABe—=— BC 4= AC. ez;‘dcf
uare ttl:h?ulum ACB: et zqmlate)gm
Qged Em Fackendum.

i o Scbolmm : ‘
Eclem modo fuper A B defcribetur mang:-
“lum Iofceles , fi intervalla 2qualium circuloram
majota; famantur, vel mlnorn, quam A B.

5P R o.p, Il .

Ad Jamm }mn&um A date 1e&¢ C

equalem veffam lineam A G pobiere. "

GCentro'C; jntétvallo CB  deferibe cxrcu- i” "

hmCBE. uungei\ € , fuper qua ¢ fat trian- ¢ *
Y-

v gulum 2quilateram AD Gdproduc D C adm 4z
& .




Io

€. poff.
€ 15.defe
geoonfir.
klé. ff.
11, ac.

LY LR L D07 XWYImenEvYIrgmT
centro D,fpatio D E, defcribe circulum DE H : 1
cujus eircumferenti® occurrat D A e protraQta ’1
ad G.Erit AG=CB. A
NamD Gf=DE,&DA{=DC, quare
AGi=CEkL=BCI=AG. QEE -~ 6
. Pofitio pundli A iitra vel extra datamB.C, J
cafiis vaciat, fed nbique fimilis eft confirudio, & )
demontftratio. o
Scholigm. i

¢

Poterat A G circino fusi, fed hoc facere nuli

-+ poftulato refpondet, ut bene innuit Proclus.

az.1.

b 15.def.

¢ confir,
d 1.ax.

Y utrumgue utrigie (hocet B A= E D,;e» AC =
s D F)habynt vere.angulhm A, 3 angulo D #qua-

PRO P IIL..

L . Duabus datis veltis
lineis Aye B C, de ma~
jore BC minori A equa-

¢ lem reitam lineams BE
deerabere. o

Ad pun&um Be po-

. nere@am BD = A.

.- Circulus.centro B, fpa-°

: B tio B I defcriptus au- -

feretBEb:B'Df: Ad: B E. Q-E. F.

_,&-‘R or IV’

" 5i duo triangula B AG,ED Fduo 'Iz;tera BAs
A C duobys lateribus EB , DF equalia habeart,

femy

Sl




- .z .
\ lem, fub equalibus rettis lineis contentum, & bafim
B Cbafi EF equalem habebunt 5 evitque triangu-
lumB A C triangulo E DF equale , ac reliqui
anguliB , Creliguis angulis B 5 F equales erunt,
uterque uirique , fub quibus equalia latera fubten-
- duntur.
Si pun@tum D punfto A applicetur , & re&la
.D Ereftz A B {uperponatur , cadet pun&tum B
inB,quia D Ee== A B. Item refta DF cadet
inA C,quia 2ng. A ¢ = D. Quinetiam pun- &
&um F punéto Croineidet,quiaA Ca=——DF.
Ergore(te EF, B C; cum eofdem habeant ter-
minos, bcongruent ; & proinde xquales funt. | g 4¢,
Quare triangula BAC,E DF; & anguliB, E;
itemque axgi C, F etiam congruunt , & =~

Ix

i

quantur. Quod erat Demonftrandum.
ProE V. -
i A ‘Ifofcelinm trianguloram ABC

qus ad bafim funt anguli ABC,

A CBinter fe funt equales. Et

produltis equalibus reltis lineis

€, AB,AC qui fabbafe funt an-
giCBD, BCE inter fee

_ gualeserunt, e

D % -AccipeAF::AD,&bjun- asE

E geCD,acBF. . . . bLpef

Quoniam in triangulis chyp.

ACD,ABF, funt AB c = A C,& AE 4= AD, dcenffr.

N angulufg; A cémmunis,e erit ang ABF—ACD; c4.1-
&ang. AFBe= ADC, &bas. BFe—DC;"
tem F C f-=DB. ergo in triangulis BFC £1.4%
BD Cgerirang.F CB,— DB C. Q.E.D.Item P
ideo ang. FBC—= DCB. atqui ang. ABE p— fnn‘-
ACD. ergoang. ABCk—ACB. Q.E.D. kj.&.

) Corollayvium.
Hinc,Omne triangulum gquilaterum eft quo-
u . - .
que ?qulangulum. PROP.

’ I
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Casr.

. br.pof, -

[
< fuppef.
d byps
eg.1.

fo.dv, ™

L’» bl

EVCLIDIS Elementorum

propr VL '
Si tvianguli A B C duo anguli
", 'ABC, ACB equales inter fe
. fuerint , & [ub equalibus angu-

lis fubtenfz latera AB, ACe- .

B / C qualia inter fe evunt.

Si fieri: poteft , fit utravis

BAC-CA,sFacigiturBD—=CA, &bduc,

CD. ,
In triangulis DBC, ACB, quia BDc—CA,
& larus BC commmne eft s atque ang. DBC4—=

A CB,cerunt triangulaDBC, ACBaqualia -

! nter fe, pars & totum, f Quod Fieri Nequit.
o . Covoll. ’
Hiric ; Omné triahgulum ®quiangulum eft
_quoque &quilaterum. ' :
P ror VIL
. - E -

© Super eadem veta linea A B duabus eifdem ve

5 gbis lineis A C, B C , alie dud vebbe lincs equales

. A D, B D, utraque strique {hoc eft, AD = AC,

J & BD =B C) non conflituentur ad alisd pun- .

=&

b 5} I'..
< fuppef.

ar
a 9.0y,

&um C, atque alind D , ad eafdem partes C 5 eof-

. demgque teyminos A, B cum duabus initio duis re-
* gis lineis babenzes,

1. €af.Si punftum D Ratuatur in A C.a liquet

. nonefleAD==AC. o
2. caf. Sipun@um D dicatur intra triangu-
lum A C B,duc CD,& producBD F, acBC E.
lamyvis A D — AC.ergoang. ADC 5 —ACD;
.item quia BD ¢ == BC,erit ang. FBC b — ECD.
ergo

-~




Libﬂr I, 13, !

ergoang. FDC 4" ACD;ideftang Fp € .
EAD C4Q.F.N. . ST daex
3. Cef. Sin D cadat extra triangolum A C B,
jungatrCD. R

Rurfus,ang. BCDe=BDC, §BCDe== ep1.
B D C: fergoang. ACD _2BD C. &proinde €9.ax,
multo magis ang. BED_2 BD C. Sed erat
ang. BCD=BD C. Quz repugnant. Ergo,
&c. - : -

PrRoer VIIL

© Si - duo triangun

A o
D WwABC, DEE
’ . babuerint duo la~
. tera AB 2 AC
. : duobus  lateribus
CE \F DE,DF, utrum-

que uirique equd-
lia 3 babuerint vero & bafim B.C, bafi EF , equa-
lem = angulum A fub equalibus rellis lineis contens
tum angulo D equalem babebunt. =

+, QuiaBCs—EF, (i bafis B C fuperponatur 4 ,,,
bafi EE;illz 5 copgruent.ergo,cum ABc == DE, b g.ax.
&ACc=—=DF, cadetpunftum Ain D. (nam chyp.
! alind pun&tum cadere nequit , per praceden-
tem) ergo angulorum A, & D latery coincidunt.
4 quare anguli illi pares funt. Q. E, D).

d 8, ax.
oroll. ’_," '

1. Hinc triangula fibi mugyo xgyiiatcra,etiam ,
mutuo « zquiasgula fuat. - "7 x4k
2. Triangula fibi mutuo ®quilaterayzquen” g 4.«

tur 1ater fe. o . :

PROT




14

bg. n

© coomfirs . )
o E &latusCDeﬁcommune;&ang.ACDc"—‘-'\

" BCD, 4ergoAD=BD.,Q_E. F. Praxin

d4. I,

EVCLIDIS Elementorum

Pror 11X
A Datum angulum veltili-

care.

eSume AD=— AE;
duc D E , fuper quab fac
triang.&quilat. D F E,

Dufta A F angulum
\ B A Cbifecabit.

B = O\ NamAD.=AE,
&latus A F communeeft, &baf. DF¢—FE.
dergoang. DAF—=EAF. Q.E.F. '

Coroll.

Hinc patet quomodo angulus fecari poffitin
®quales partes 4, 8,165 &c. Singulos nimirumi
partes iterum bifecando.

- Methodus vero regula & circino angulos fe-
candi in ®quales quotcungue haétenus Geome-
tras latuit. T ' . '

Propr X

Datam " yeftam lineam
A B bifaviam fecare.

Super data A B s fac
triang. @quilac. A BC.
€jus angulum C & bifeca
re@ CD. Eadem datam

R A B bifecabit. ,

Nam AC¢= BGC,

bujus & praecedentis , conftruétio prime hujus
libri facis indicar, P

PROP

\

neum B A C bifariam fe-

|

|

:

4"

..;—-—-———-—“
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* eergo F C'perpendicularis eft. Q.E.F,
«  Praxis tam hujus s  quam fequeatis expeditur

Liber 1. 13
I RO P XI . -
r o , Data yelta linea .

AB; & punfls inea
dato C , rettans lincam
‘CF ad anguilos rectos
excitare.” - i
¢ Accipe hincinde ant
L) CD = CE. Super
AD [ 5 B DEb fac triang, é'br:
quilat DF E. Dufta F C perpendiculariseft. -~
' NamtiangulaD FC, EF Chbimutuoce- ¢ gy,
quilaterafunt. 4 ergo ang. DCF — ECF.

s ¥

.

facillime ope norme.
PR opr XIL .
C S Super datem
reitam lineam in.
- finitam A Bya dz-
Lo Ptm&\C guod
““in ea noneft ) per-
— pendiculérem  ye-
R &m CG dedus
. . Cfre.
Gentro C a defcribe circulum , qui fecer da-
tam A B in pun&tis E & F b bifeca E Fin G. du-
& C Gperpendiculariseft. "7
Ducantur enim C E,CF. Triangula EGC)
F G G, fibi mutuo ¢ ®quilatera funt. ge:i'go A0 confies
gUiEG C,F G C, zquales, &eproinde reéti

5 ds.1.
funt. Q. E.F. , eso.defs

. BROP xxn.A--?r o
Ef Cum reéta linea A'B; [uper re-
E A Gam lineam C D confiflenssfacit
angulos AB C>ABD ‘,'aut’dno:_
vetbos » ant-duobus refhis equales
efficiet.

a 3.poff.

bio.1, -

s
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aredef
bt x.
CI19.4%.,
d3.ax,
e1.ax,

ar3.1.
bhyp.
€9.0x.

a1
b3. L]

EVCLIDIS Elementorym

Si anguli ABC, ABD pares fint¢ s liguet illos
reflos effe ; fin inzquales fint ; ex B b excitetur
perpendicularis B.E. Quoniam ang. ABC ¢:=
Reft.~~ ABE; & ang.ABD 4 — Reft. — ABE;

erit ABC~+ ABD e = 2 Re&.— ABE —~ ABE

— 2 Re®. Q. E. D. S
. Ceroll. f .

1. Hinc, fi unus ang, A B B retus fi¢,y alter
A B C etiam reflus erit ; fi hic acutus; ille obtu-
fus erit, & contra. Cow

2. Si plures retz quam una ad idem.pun-

_ ftum eidem re@= infiftant , anguli fient duobus

retis equales. .

3. Duz reftx invicem fecantes efficiunt angu-
los quatuor redtis zquales.

4. Omnes apguli circa unum pun&um cot-
flieuri conficiunt quatuor reétos. - patet ex Co-
roll.2.

pROP. XIV. .
A Si ad aliquam reltam lineam
A B, atgue ad ejus_punitum B
dog reéte linee CB ; B D non ad
eafdem partes duflé , eos qni
Junt deinceps angulos A B Z‘ N
D A B D duobus redtis equales fece-
rint , in divelbum erant inter fe ipfe refta linee
CB,BD. .

Si negas, faciant C B, B E unam re@am. ergo

ang.A BC —+ ABE«=— 2 Re&. b — ABC —~ -

. ABD. ¢ Quod Eft abfurdum. o

PROP XV.
Si due vefte lince AB, CD
Je mutuo fecuerint 5 angulos ad
\ verticess CE B, A E D equales

inter fe efficient.

v ) "Namang. AEC —+ CEB
D s=z2Redt. s== AEC —+
AED. bErgoCEB=AED.Q.E.F. -

Schols

i
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$i ad aliquam re@®am lineam G H , atque ad.
ejus puntum, A duz reéz linex E A,A'F non
ad eafdem partes fumpta ; angulos ad verticem
D, & B zquales fecerint , ipfe refe linex BA, .
A'Fia dite@um fibi invicew enimt.
Nam2Ref. —=sD -+ As=B A.berg» am,.

EA, AF funt id dite&um Gibi invicem, Q.E: D, ® % |
Schol. 2, . '
s Si quatuor re@t: Yinex

¥ Y\ EAEBECEDbum
, pun®o E exeuntes; angulos
4 oppofitos ad verticem 2qua-
|y lesinter fe fecerint 5 erumt
qualibet dvae linez AE,
EB, & CE, EDin direftum pofite. -
Nam quiaang. AEC + AED -+ CEBR & - .
DERBs—4Re@. eit AEC~+ AEDDIZ= agemus |
CEB — DEB == 2 Red. ¢ ergo CED; & AEB b1s.1. & :

© funtreftz linez. Q. E. D. cig
. Paopr XVIL
A .- F - Cugsfeungye Trignguii

A B Cuno latere B.C pro-

duffo , exteynss . anguins

A C D aipoither inteyno &+

D oppofitaC A B, CB Aana-

Jor eft. . :

Latera A C, BCsbi- aro.té

: focent re8z :;:!;BE i% o

wibus predudtis bcape -

e  ERskHI=AN, ..

onjuganturque ¥ €, 1. B Quo«

- . o7 e ———————



18 EVCLIDIS Efementorum
) Quoniam CEc—=EA, & EFc—=EB; &
3"";’,: ang. F B C4= BEA,; cerit ang. ECF == EAB.
s, Simili argumento ang. ICH (fFCD) — ABH.
5.  egotows ACD g major eft utrovis CAB, &
s Alc. Q.E.D. .
’ PrRor XVII ..
. Cajufcungue  trianguli
ABC ]duo anuli dufbus .
reitis funt minores 5 omwi-
fariam fampii.
Producatur latus BC. -
Quoniam ang, ACD —
- oot ACBas =2 Re&. & ang,
bi6.1. . ACD¥—A, cerit A + ACB_12 Re&t. Eo-
€4 Jem modo erit ang. B —+ ACB .2 2 Re&t. De-
nique produéo latere A B, erit fimiliter ang.
A-+B,73Re@& QuzED. - ;
e T T cetoll .
. 1. Hinc, in ombi triang:xlo s Cujusunus an-
gulus fuerit reftus , vel obtufus , reliqui acuti
{uat. ) : ’
A° 2. Silidea reta A E cum alia re®a CD an-
alos inzquales faciat ; upum AED acutum , &
alterum A 'E € obtufum , linea perpendicularis
A D ex quovis ¢jus pun@o A ad aliah illam
" CP demiffa ; cadstad partes anguli acuti AED.
Nam fi AC ad partes anguli obtufi duta,di-.
 carue perpendicularis;in‘triangulo AFC erit ang. .
0 AEC—+ ACE -~ 2Re&t. 2 Q. F. N. ~-
- ' 3’Ombes -anﬁli&naﬁguli aquilateri , & duo

]

-anguli triﬁn%uli‘ fofcelis,fupra bafim, acuti funt:
S P Ror XVIIL
Tyt~ -Ommis tvianguli A BC
- magus latus A C majorew |
“ angalum ABC fubtondis.

Ex ACsaufer AD —
EAB; &junge DB. bergo
“ang. ADB= ABD. Sed

¢ ADB

tf

AN ;!




Liber 1. - . K

. 19
¢ ADBC™C., ergo ABD —'C. d eigo totys P
ang. ABC — C. Eodem modo erit ARC STA dyes

"QUE.D. : .

-PRrRor Xix
B Omnis trianguli A B C mi.
Jor anguins A mefori laten;
BC fubtendituy. -

Nam fi dicatur A B —

: \ BC,a erit ano. A= con- i
A € tra Hypoth-g&ﬁ AB—*H*
BC, b erie ang. CL— A, contra hyp. Juarepoti- g,

CBCCAB, & codem modo B Ccmac ™"

Q.E.D. L '

.Prof XX n

Omnis trianguli AR Q. )

‘duolatera BA, A C religuo

BC fun majora quomods.

cungue fumpta, - :

Ex B A ptodudls s ape,

CAD=AC; & dycDC, "»" *

L oo d]
PrRor XXI Co s A,
Si fuper trianguli, ABC
“#no latere BC , ab extremisasi.
bus dus ve¥te linex B D,Cb,
intetius Qnfistute fuerint , he
conflitute: veliguis erianguli dy-
obus ld}'trih\u BA, CAmino-
res quidem ‘eyunt , majorem ve.
0 angnlum BDC connzubum. V‘ S M oy
~Producatyr BD i B eftque CE + ED g = a30 1.
o2 adde commune Bp s beérit: BE — EC — b4
3D + DC. Rurfus BA —+ ABa— BE; b ergo
3A+AcL—na~pEc.qua;enA+ACc— _
:DiDC. QED 1 Aog. BDCec~
EC e A ergoing. BDC oA, Q.E- D. i
. ' B2 PRrer.

_———



EVCLIDIS Elementorum
Pror XXIL '

20

Ex tribus veitis lineis FX, FG, GK» que
{int tribus datis veltis lineis A ; B, G, aquales;
iaugulum F X G conflityere. Oporter antem duas
religud effe majores omnifariam fumptas ; quoniam
unisfcujufque  trianguli .due latera ommnifariam
Jumpta veliquo funt majora.
TR Exinfintta DE ¢ fume DF ,FG, GH datis
b5 A, B, Cordine zquales. Tom fid centris ¥, &
Gsiatervallis F D, & G H ducantur circuli fe
., interfecantesin K 5 jun@is 1e@is K ¥ , K G con~
cig e fituetur eriangulom FK G, ¢ cujuslateraF K,
drer,  FG,GKuibus DF, ¥ G, G H, 2id eft tsibus -
datis A, B, C zquantyr. Q. E. F. v

PR or XXIIL

" Ad dataw re-
&am lineam AB,
datumgue in et
puniam A , dato
angulo yeltilineo D
2quale angulum re-
-~ &ilinewm A con-

.G

Lituere. . :

- aDuc re®am C F fecantem dati anguli Jatera
§ 1.o* utcunque. b Fac AG == CD. Supet &G : con-
es ., THtue triangulum aeeri G B F zquilatergm,ita

: e C .o
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Liber I. 33

ut AH== DF, & GH == CF; & habehis ang. -
Ad=D. QE.F. a8

P .
Ropr XXIV. -

Bl
Siduo triangula ABC ,D EF duo latera A B,
A C ducbus lartribus D B, D F aqualia habue-
- vint , wtvumque wivigue 3 angulum vero A angulo
EDF mujorems [ub equalibus veélis lineis conten-
tum, & bafim BC, baff EF, magorem habebunt.

aFiatang. EDG— A, & DGb=DFc =231
AC, comneftanturque EG,FG. 2 } P"

L. eof. SSEG cadit fupraEF. Quia AB 75,
4=DE, & AC= ¢DG,& ang. A ¢ == EDG, g ofi~-
feritBC=EG. Quia vero DFe— DG, g%.s.
getitang. DFG — DGR, b ergo'ang. DFG— ho.ex.
EGF ; b & proinde ang. EF G [~ EGF. k quare 9
EG(BC)c—EF. Q.E. D.w’ .

2. C4f. Si bafis E ¥ bali EQ cofncidat 3 21i- 14 ox.
QuetEG(BCY—EF. . . : :

3. $in EG Cadat infra EF. '‘Quoniam

DG« GEmwr—DF 4+ F &, i hinc inde au- mar. ©.
ferammit D G, DF , zquales 3 manet E G (B C)
PER.QED. '

8 §.65

% " PROP.




22 . EVCLIDIS Elementorum
PrOPF XXV.
' _ Siduo triangula
D ABC,DEFdwe
latera AB, AC
dwobus  laveribus
D E , D Fequalia
2 ) Fb’alzuerint > HITAMY;
2 utrigne > bafmt ve-
. v0 BC bafi EF majorem ; @ angulum A fub equa-
libus reltis lineis coptentum angulo D majorem
habebunt, .~ : ;
g4t Nemfi'dicaturang. A=D. «eritbafisBC
“ ==EF,contraHyp. Sin dicaturang. A_1 D,
bsgr.  beritBC_SEF, etidm contrd Hyp. esgo BC
o c~EF.QE.D. o ’

Pror XXVIL .
. A D

T ¢ ET1G

Siduotrianguls BAC E D.G, duos angules

B, C.' duobus angulis Ey D G E, equales habue-

vint, ktyamqne utvigne > amumque latus uni lateti

-equaie;’ ffve quod equalibus adjecet angulis ; fes
quod uni equalium angulorum fubsendituy : veliqus
daterayelignis lateribus wqualia  utramque utriques -

e reliquum angulum reliquo angulo equalem ha-

bebunt. <

1. Hyp. 8it BC=—EG. DicoBA*=ED , &

- AC=DG; & ang. A = EDG. Nam fi dicatur

gt EDCBA,sfiac EH= BA, ducaturque GH.

T ' : - Quoniam

R



- \

: Liber 1, e ey

Quoniam ABé—=HE, &BC. = EG, & :{;P;eﬂ
ang. B¢ =E; erit a0g. EGHd== Ce— DG K. dgr.
FQ.E. A.ergo AB—E D. Eodem modo AC ;’-:1;

- = DG. d quare etiam ang. A=EDG. . 9=

“2. Hyp. Sit AB— ED. Dico BC =EG; &
AC=DG & ang. A—EDG. Namf; dicatur
EGCBG, fiar E1 = BC, & connefarur DI.
Quia ABg=—=ED,& BCh— El & ang Be—E, gip.
erit ang. EID4==Cw — EGD. , Q.E. A, fnh:
ergoBC=EG. ergoutprius, AC— D G, miy,
&ang. A—EDG. Q.E.D. 2161
Provr XXVIL

© .o Siin duas reBlas line-

B « AB, CD re#q inci-

. dens lines B F alternatim

s angiloss AEF,DF E; «-

. D guales inter fe fecerit s pan

rallele erunt ingep Jeille reitelinee AB, CD.

SiAB $ C D dricantur non effe parallele;
conveniant produt nempe in G. quo pofito
angulus externus A E F interno D FE 4 major
etitscut tamen ponitur zqualis.Que repugnant.

Pror XXVIILIL

/ Siin duas vellas line-

2 AB, CD refta ing.
Bdem- linea BF externum
~D arigulum A G E interno

&~ oppofito ; & ad eafdem

. } parts CH G equalem fe-

it aut inteynos & ad eafdem partes A GH,

f_:HG*duobu: reltis aqualts ;5 pavallela esunt inser
Jeipfe reftelinee AB, CD.

L. Hyp. Quia per hyp. ang. AGE==CHG, _ 1851,
.;erit altern. B G H=—0 H G.b parallclz 1gIRE bz
JuntAB,CD. Q.E.D. : —_—
- 2.Hyp.Quja &yp.An .AGH —+ CHG  ant.
2Ret. a=A G Hwi- 3 Cgﬂ sberit CH D. i
) IGH ErgocAB, CD pxallel,gfunt. CrL pedhs

[R5
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a3 0%,

bes.r.

c13.4x,
[RTAN

210. 1.
b ax.

€300

EVCLIDIS Elementoruym
’ Pror XXIX

neas AB,C D, réflainci-
Bdens linec EF, & alter-
pratim asguls DHG ,
F, ) A G H wquales inter fe ef-
. fcit 5 ¢ extermmm B G B
interno, & oppofito , & ad eafdem parees DHE «-
gqualem 5 & internos & ad eafdems parees A G H,
© H G duabus reftis aquales facir. S

Liquet A G M, i C H G =— 2 Reét. #alias -

AR, C D naoneflent parallelz , .contra hyp. Sed

& ang. DHG ~ CHGp=— 2 Re&l. ergo DHG

«c=AGHI=BGE QE.D.
: Coroll. .
. - Hinc .omne
B , ‘ - C Pavxallelogram-
o -muy A€ ha
bess unum an-

o, gulum reGum
,DA, eft 'rean-

A
. gulum.

Nam A ~+ Ba— 2 Ref..ergo cum A re-
&us fie, b etiam B re&us erit. Eodem argumento
P& Crelifime. - -

'

Prxov XXX

. 08 (A B, CP) eidem

G : avefie linee B F paralie

A B > @ intey ¢ fans paralle-
i -3 \ » Fle. . -
C - D Tres redtas fecet utcun-
- ue refta G L Quoniam

. - A B, EF paralielz funt,

s erit ang. AGI — EHI, Item propter €D, EF

ponad Lis, D‘ ;tc!it. ang, Elrzlmz DIG. bergo ang,

= "¢ Quare D parallele funt.
QEDp. AP

PROP

—— . N . . . e

In parallelas relbas li-



Liber 1. L ag
PrRoPr XXXIL
A A date punito A duie

b F rete linee B ©  ducere
pavallelams velam lineam

B GAE | -
Ex A ad datam BC duc

re&tam utcunque AD.ad quam;ejufque prn@um 4,5 4.
Asficang D AE=—=ADE€. berunt A E, BC bar.».
parallelz. Q. E. F. ' .
, Pror XXXII .
. Cujnfeungue  trian-

guli ABC uno latere

B C produdlo  externus
angulus A €D duobus
ingernis,o oppofftis,A B
5 eft equalis. Et trianguli

: % tres interni angali 3 A,B,

A CB duobus. funt velkis equales.

Per Caduc CE parall. BA. Ang. Ab== a1,
ACE. & ang. Bb— ECP. ergo A=+ Be=—=">n.1.
ACE +ECD4=ACD. Q.E.D. Pono 3'ge,
-ACD + ACBe= 2 Re&. fergo A—+ B o
ACB=2Re& QE.D. L.

v

. . p Corollaria. i :
1. Tres fimul anguli cujufvis trianguli aqua
Y les funt tribus Bmulg:‘:;uc}?unque alterius. ?andg
f 2. Siin uno triangulo duo anguli (aut fin-
P guli,aut fimul)zquales fint duobus angulis (aut |
fingulis, aut fimul) in altero triangulo,etiam re-
liquus reliquo wqualis eft. Item , fi duo tian-
§u]a ubum angulum uni wqualem habeant , re-
Iquorum fumme 2quantar,
" 3. In triangulo fi uaus angulus redtus fit, re-
, liqui unum reftum conficiunt. Item , angnlus,
qui duobus reliquis 2quatur retus eft.
4. Cum in lfofcele angulus zquis cruribus
Cogge'ntus retus eft, reliqui ad bafim funt femi-
redti, - . :

5. Tdr

e—— .




24  EVCLIDIS Elementorum f
’ 'g. Trianguli zquilateri an%}ulqs facit duas |
* tertias unins refti ; nam ¢ 2 Reft. = 2 Reét. )
i - Schali . . - -
Hujus propofitionis beneficio;cujuflibet fgu-
ri reftilinex tam interai quam externi anguli

vot reftos conficiant , innotefcet per-duo fe-
quentja theoremata. . , ‘1

]

THEOREMGUUA 1. ~

N .« e
Ounes frmpl anguli cujufcungue figure veltili-
“nee conficiunt bis tot veftor demptis quasdor ,
-quat funt latera fighre. . o
> - Ex quovis punlo intra figuram ducantur ad
ommes figure angulos re@ee, qua figuram refol-
vent in tot triangula quot habet latera. uare
- éum fingula triangula conficiant duos reétos s
omnia fimul confictent bis tot re@os-, quot funt
Yatera. Sedanguli circa diun punGum’ confi-
ciunt quatuor re@tos. Ergo; fi ab omnium trian-
i.\lomm angulis demas apgulos circa id pun-
um, angult reliqui qui componunt angulos fi- .
© . .gurx conficient bis tot re@tos demptis quatuor ,
"quot funt latera figurz. Q, E. D. L
Hunc ceroll. Omnes eju{dem fpeciei re@ilinez
fignra 2quales habent angulorum fummas.
THEOREMA 2
Onnes flinz! externi anguli cujufcungue figure &
relilinee conficiune quatuor vettos. )
Nam finguli figurz interni anguli cum fin-
galis extetnis conficiunt duqs‘reé%os. Ergo io-
= ternl




L - Liber 1.

terni imul omnes, cum omnibusfimul externis

conficiunt bis tot re€tos, quot funt latera Ggure.

- Sed(ut modo oftenfum eft, )interni {imul omaes

edam cum quatuor redlis etficiunt bis tot rettos,

quor funt latera figure. Ergo externi anguli’
quatuor redtis zquantur. Q. E.D. :

“? coroll. Omnes cujufcunque fpeciet reili.

. nex figure 2quales habent externorum angulo-.
rum fummas.

27

"Pror XXXI(IL

" A 9 Relte. linea AC,BD,
. > que aguales & pavallelas li-
e p#eas AB, CD ad partes eaf-

- dem conjungunt 5 @ ipfe &
quales ac paratlele funt. e . 7
. Conneftatur C B. Quoniam ob AB, CD
parallelas. ang. ABC s—=BCD , & per byp. AB 219 «
== CD, & fatus CB.communpe eit , b erit AC = ::&.‘;.
‘BD; b& ang. ACB=DBC.c ergoAC,BD
ettam parallelz funt. Q. E. D. :

Propr XXXIV.

A B Parallegrammorum  fpa-
* tiorum ABDC equalia fum
' ¢ inter [e que ex adverfo late-

D¢« AB,CD;acAC,BD;
angulique A, D, & ABD; ACD; ¢ illabifariam
fecat diameter C B. :
Quoniam AB 5 CD gparallelx funt , b erit abp
;  ang. ABC = RCD. Itemob AC;DBsparal- yig0. -
i lelas, beric ang. ACB= CBD. ¢ergo toti an- e+
1 guliA CD, ABD ®quantur. Sinuliter ang.
'+, A= D. Poiro, cum communi lateri CB adja-
ceant anguli ABC; A CB, ipfis BCD, CBD
pares 4, erunt AC— BD;d& AB— CD. adee- d16.1,
que etiam triang, ABC == CBB. Ql't*?yna L o

Eme—— .




28  EVCLIDIS Elementorum

SCHOL
Omne quadrilaterium A B D C habens lateya ope
pofita equalia; eft paralielogrammunm. '
Namper8.1. ang. ABC—=BCD. sergo
A B, C D parallele funt. Eadem ratione ang.
. BCA =— CBD; s quare A C, BD etiam paralle-
pisdde. lx funt. b Ergo ABDC eft parallelogrammum. ‘

aw, g

‘Q.E. D.
‘ Hinc " ex-

A E \ pedicius  per
' + datum pun-

F Gum C da-

- v' tz etz AB
o [€] ®  ducetur * pa-
raliela CD.

Sumein A B quodvis pun&tum E. centris E.
& C ad quodvis intervallum duc #quales circu-
los E F, C D. centro vero F, fpatio EC duc cit-
culum ED , quiptiorem € D fecetinD. Erit
du@a C D parall, A B. Nam ut modo demon:
ftratum eft, C E F D eft parallelogtammum.

_Pror XXXV
. Parallelogramma
bE BCDA , BCFE-fu-
per eadem baff BC ,
& in eifdem paraile-
lis AF, BC conflitn-
ta 5 inter fe funt -
B < : qualia. S . )
a6 Nam A D¢ =B Cas— EF. adde commu-
2:9.”: nem DE, b erit AR — DF. Sed & ABs— DC;
aer. &ang. Ac—=CDTF. dergo triang. ABE==
e D CF. aufer conmune D GE | ¢ orit Trapez. -
" ABGD — EGCF. adde commune BGC, ferit °
Pgr. ABCD.__': EBQF » Q.E. D Reliquorum
cafuum non diffimilss , fed implicior & facilior
eft demonftratio. :

A

Sche




Liber 1.
_ Scholium. : .
‘ Si latus A B parallelo-
A Dgrammi retanguliA B CD
ferri. intelligatur perpendi-
, | culariter per totam B C, aut
. 4 1 B Cpertotam A B, produ-
Jul | cewr eo.motu area reftan-
guliAB €CD. Hinc reQan-
?.llum fierd dicitur ex duftu
en multiplicatione duornm
B} < laterum cantiguorum. Sit
-exempl. gr. BCpedum 3, AB y. Duc 3 in4;
p&vcninm 12 pedes quadrati pro area reftan-

}ioc fuppolito,ex hoc theoremate cujnfcung;
paraliclogtammi (* EBCF) habetwr dimenfio.

Illius enim area producitur ex altitudine B A o

du®ainbalimB C. Nam area ré@anguli AC
pardllclogrammo E B C F zqualis , fitexB A in
B C. ergo, &e. . ) :
; Pror XXXVL A
A b g " Paralielogram-
m:a BCDA,

GHEE fuper «-
- qualibus bafibusBC,
: Q@ FGH, oincfiem
paralielis AF BH conflituta, inter fe funt equalia.

29

-

[ £

*v.j}ﬁ(j

* Ducistur BE, CF. QuiaBL e==GHb—=1abp.
'EF, cerit BCFE parallelogrammum. ergo Byr. o35 7

BCDA d== BCFE 4GHFE. -Q_E.D.

Pror XXXVIL . .

o . Trianguls BCA

.BG D Juper cadent
* bdfi BC conflisuta ,
& in’ eifdem paval-
Jiis BC , B F inser
ae funt equalia.

dig. 0.

¢ Duc




30 EVCLIDIS Elementorum
s Dac BE parall. CA; s & CF parall. BD.
31 ‘Erit triang. BCA p —!Pgr. BC AE =%
foaad BDFCb*BCD Q.ED.

‘Pror XXXVIIL

. D 1 Triangula BCA,

- G_A EFD fuper «qua-.
libus baftbus B C ,
% EF conflituta, ¢
‘ in eifdem paralielis

\tnb'l

V' GH,BFEinterfe
B C E F Junt ¢qual:; f
Duc BG parall. CA. & F H parall. ED
a;’a erit tnang BCA a::LBgr BCAG,=
%,.'.* EDHFe=EFD. QED.
Schol,

SibafisBC—E F,hquetmangB ACe )
EDF. &h BC__JEF,entBAC__:EDF

P R OP XXXIX

F 'I‘r:angula equar
A lis BC'A, BGD,
Super eadam baff
BC, & ad eafdems
artes conflituta 5
B L {tmm in ﬁnfdem
Junt parallelis AD,
BC.

* Sinegas, fi f taltera A F parall ‘B C; & ducatis

™ CF. ergotriang. CBFs— CBA*-‘—CBD.
;gr.' cQ,go & :

7
PRrRoOP:




Triangula £qua-
#BCA,EFD
Juper equalibus bas
. ﬁb”: B C) E FJ é‘
B ’ ad eafdem partes
F.  conflituta , & in

eifdem funt payallelis A B, B F. )

31

Si negas; it altera AH parall. BF.' & ducatur 338 %

FH. ergo wiang. EF He== BCA = EFD. b
¢ %E- A, i e N L
Proer XLI :
D Si parallelogrammum

A B C'Dcum triangulo
BCE eandem bafim

P
9 ax,

B C babuerit 5 in eif-

T denique fuerit pavallelis
B C A E,BC, duplum erit
barallelogrammum ABCD ipfius trianguli BCE.
Ducatur AC. ‘Triang. BCAs — BCE. ergo
Per. ABCD b= 2 BCAc—12 BCE. Q.E.D.
Scholium. .~
. T AT
Hine habetur area cujufcungs; trianguli BCE.
Nam cum area_paraflelogrammi ABC% produ-
catur ex altitudine inbalim du&a ; producétar
areatrianguli ex dimfdia altitudinein bafim du-
&, velex dimidiabal in-altitudinem. ut 6 ba-

fisBC it 8, & altitudo7; erit trianguli B CE
area, 28.

-

' ‘ PROP.

a3y 2.
b34.0
6 ax.

“




32 - EV CLIDIS Elnemmm.
Propr XLIIL

A F g

8 E C D '

Dato triangulo A B C equale parallelogrammum
E C G F conflitsere in dato angulo relilineo D.
1 PerAaduc AGparall. BC. 5 facangBC G
e D. bafim B C ¢ bifeca in E. ¢ duc E F parall.
*" € G. Dico faétum.
Nam dufta A E. erit ex.conftr. ang. EC G
48, —D,&triang BACgd=2AECe=—DPgr-
*#-t ECGF. QEF ) ) -

Pror XLIIL

Ea omni pavallelo-
B‘ grammo ABCD com-
plementa DG , GB
eayum ‘que circa dize
H I metrum AC funt par-
ailelogrammorum HE,

© F < Fl ;g:ter[e Junt 2 -

i ’ ‘ nalia. -
iy Nam Triang. 4 C D, = s ACB. & triang.
b3, ax, AGHs— AGE. & txiang. GCF ;= GCI.

bergoPpr. DG=GB. QE.D.

PRoP.




Riber 1. 33,
Propr XLIV. L

p__E 1"

ke

G

A o L
Ad datam velam lineam A , das tﬁmﬁ:ﬁ: B,
" equale parailelogrammum FL applicare in daté an-
grlo vettilinea C.
¢ Fac Pgr. FD == triang, B, itaut mﬁ GFEag.s
= C. &ponelateri G Fin direflum F H== A.
Per H b duc IL'parall. EF;cul occurrat BE b s
produ@aad L. per I F duGtz reétz occurrat B G
protrafta ad K. PerKbduc KL parall. @ H;
cui occurrant E ¥, & 1 H prolongat® ad M, & .
L. EritF L. Pgr. quafitum. ~ - .
Nam Pgr. c:FD:Bd&ang;MF Hepoio
=GFE=C. QE.F. ' drgn

Pxrof XLV. -
BeouC G . NHNL

W™E| ]

Ad detams veSham linears F G _dato vekilines
ABCD #guale parallelogrammuws F L conflituesc,
in dato angulo veikilineo E. C ey
BADarum re&iiix;eum iefo!l{vé “};mg“{;

D, BCD. 4= Fac Pgr. FH = A Y 13
g, ,F:'_." E.‘produ&a %ri s fac A HD) I;gi i

il .
c _

P ——




<& EVCLI D13 Elementorum -
proax. JL—BCD. erit Pgr. FL=p FH~+ 1L ¢ =
¢ eonflr, ABCD:. Q.E.F. '

n
L

D < e

Hig facile ipvenitut éxceffus HE . quo re&i
lineurn aliquod A fiperat reilineum minus B ;
nimiram h ad-quamvis reétam CD applicentur
Pgr. DF==A. & DH=B.

? r-0 P XLVI.

- ¢ A data veda -
c nea AD quadrr
1 tim A C defiri
bere. -
..~ aErigeduaspa-
P o pendiculares A B
A ‘ ] RE b aqule
) . ate A H
. A - ‘D junge B C. dico
falum.

5 tonfin " Cum énith ang. KX+ De== 2 Re&. derunt
eeonfiy.,  AB> DC parallehe. Sunt vero etiam exquales,
€34, fergo A D, BIC pares etiam funt , & parallelz. |
ergo Figura AC eft parallelogramma , & =qui-

gokagn. latera. Anguli quoqueomnesrei fanc, g quon®
19.4d. aémL ;;Emi:s Aeft reQus. #ergo AC eft"qhiadratum.

' """Eodeim ‘mbdo facile, defcribes re@angnlifm)

.quod fub datis duabus retis continestur. '

IR A R

- .

7. T . .
AAT. -

P O T pROP




‘Liber 1, - 35
PRoP XLVII»L

G - In reltan-
F y ) - gulis  tvian-
1 E ¢ ' H gulis BAC

‘ A _ quadratnm
|- ’ yBE, quod 3
b , > latere B C )
. N\ o’ relum angu. . -
b BY < mBAC
L B . Jubtendense
Jeﬁriiitllr >
. L equale Ceft
. &, BG,
‘. ) . lateribus AB,
" D " M E  AC r@um
o \angulum continentibus deferibuntiiv.
Tunge AE, AD; & duc AM:parall. CE.
. Quoniam ang. DBC s —=FBA ; adde com- s Ines,
" munem ABC, eritang. ABD = FBC. Sed &
. ABb=FB, &BDbs— BC. cergo triang. big.df.
I ABD=FBC, atqui Pgr. BM.4—2"ABD ; & §%; .
L Pgr.BGd=3FBC {nam GAC eft una xc&.acs'.a\
© perhyp. &1q.1.)e ergo Por. BM —BG. Si-
. -Mili difcurfs Per. CM =="CH.. Totum igitur
BE=BG-+CH.QE.D.

o ’ Schol. " -
Hoc nobiliffimum , & utiliffimps thecremia Vit
“ ab inventore Pythagora, P; thagorjcum dici me- )
it Ejus beneficio quadratorum additio 5 &

£ fubftraiio perficitur ; quo fpe@ant duo fequen~
taproblemata. - o :

P : 'e 2 . ,PR.OBL,
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Aadr.Tas,

bq; 3.

&3 ax,

. ' EVCLIDIS Elementorum

PROBL. 1.
Z

* Datis gquotcunque qua-
B dratis , unum omnibus «-
: quale conflruere.

¢ ' % Dentur quadrata tria,

47> quorum latera fint A B,
E &1 BGC,CE. aFac ang. re-
|+ @umFBZ infinita ba-
e ¢ bentem latera, in eaque

: O transferBA, & BC, &
ABC juge & C, b erit ACq
Vel == A Bq +BCy. Tum
FA E 'BA Crtransfer ex BinX;
. & C Etertium latus da-
tum transfer ex Bin E , & junpe E X , berit
EXq = EBg (CEq) —+BXq(ACy)c==CEq
< ABq-+BCq. QE.F.

PROBL 3. ,

B E - Datis duabus vetis in-
 equalibfs AB,BC, ex-

" bibere ‘quadratum , quo
quadvatum_majoris AB
- - excedit quadratnm  mi-
A ™ noris B C: _
Centro B intervallo BA defcribe circulum. ex
C erige perpendicularem C E occurrentem pe-

_ripheriz in E. & ducawt BE. ¢ Erit B Eq
(BAq) :BC%—P CEq. betgoBAq ~ BCq=—=
CEq. Q.EF ..~ ° S

)




Liber I, s 37
PRoOBL 3.
C Notis duobus quibuf-
// Cungue  lateribus “srigont
Yelanguli ABC , reli.
- qaum inyeniye,
Latera re@tum angy.
lum ambientia fint A © 3
B a B’ hoc 6. pedum ,
illud8. ergocum A C q e
+ ABg = 64 + 36 .
— 100 =B Cq. erit BC.
) =4/ 100=710. . .
B 6 Nota fint deiade Ja-
; . A teraA B, BC, hocio..
pPedum , iflud ¢, ergo cum BCq — ABq—
100 = 36 == -
=8.

Pror XLVITL
: Si guadratum quod ab uno
latere B G trianguli defcribi-
MY 5 equale fit eis que a veli-
© quis tvianguli lageribus A B E}
A C defetibuntur quadyatis
Cangulm‘ BAC comprebenfus
[ AR, A C veliquis duobus trianguli laveribus ,
reftus ot
. DucadAC perpendicularen D A== AB, &
Junge C D,
Tam CDga—ADq +ACq = ABq~+ agr..
=BCq. *erpoCD =B C. €720 tHan-~ # Videfig.
8ulaC AB, CAD , f;bi mutuo ®quilatera funt 5 Jhor-
udre ang. CABb=—= CAD ¢ == Red. Q.E.D, ciyp.
Schol.
Affumplimus exinde qued CDE- = BCq,
fui CD — BC. Hoc vero manifeffum fiet ex
fequentj theoremate. - :

Ci3 THE-

_—— --

—~64 = A Cq. erit' Aeq—= Vp4 - "‘". ~_.’

'.

ey




EVCLIDIS Elementorum

THEOREM A

HCD=eCG. QE.D.

b=NK¢=LQ.4Q,E.A. ergo LM =IK."

G oP O_
‘N T R--':S‘i
¢ P11 Kk =

Lineayum equaliom A B, C D, equalia funt
guadrata AR > C G 5 & quadratoram equalium
NK, P M equalia funt latera 1K, L M.

Pro 1 Hyp. Duc diametrosEB, HD. Li
quet AF = 4 2 triang. EAB = b2 triang,

2. Hyp. Sifieripoteft , fitL M~ IK. fa
LT=1K; a fitque LS = LTq. ergo LS

Coroll.

Eodem modo qualibet reCtangula inter fo
equilatera 2qualia oftendentur.

L 1B
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07T
LIB. IL -
Definiriones.

 Mne paratlelogrammum “reer 5

citur fub re@tis-duabus. A B,
A D; quere&um comprehen-
dunt angulum: : :

Ai{t{amio igitar ‘dicitur vettangulum fub B A,

AD; velbrevitatis caufa, reftangalum B A Iy
v/ BAxAD, (vel Z Apro Z x A) defignatur
velbangulum , quod consingtuy fubB A, & A D ad
yettum angulum conflitutis. .

s

N

11 Ta omni parallelogrammo fpatio FHIK
unumquodq; corum, qua cirea diametrum illius
funt, parallelogrammorum, cum duobus cpmple
mentisGuomon vocetur.ut Rgr FB —- Bl = GA
{EHM) eft Gnomon. itgm Degr,, BB == BIL "'EPA

(GKA) eff Guoman, - . .

ci Pwen

gulum A B C D contiddri i

2]
e




40 EV CWTWr

Pkovr. L
H1G Si fuevint due refte lines
i 1 A B, AF, feceturque ipfa-
: w| | ram altera A RB.in quot-
' citrigue fegmenta AD ; DE,

' Y C EB: reftangulum compre-

. b E ": benfum fub illis duaburprh
Bis lineis AB, AF, equaleefteis 5 que fubin-
feka A F. ) & quoliber jzgmemomm AD, DE,
E B comprebenduntur veangulis. = . %
« Statue A F, perpendicularem ad A B. s per:

F ducinfinitam ¥ G perpendicularem ad AF,
«Ex D, E; B erige perpendiculares D H, EI,
BG.erit A Gre angulum fubAF, AB, &.
proext. beft xquale re&angulis A H,D 1, E G, hocelt
gt glquia DH, E1l, AFcpares funt) reangu-
lisbAF,AD;ubAF,DE;fubAF,ER

Q.E. D. . ' ‘

T © Schol. .

- Propofitiones decem primz hujus libri valent
etiam in numeris. Reliquas quilibet tyro exami-
niet. prohac, it AF6, & AB 12, feltusin
AD 5,DE3, & EB 4. Eftque 6x12 (AG)
==72. 6x5 (AH) =—30. 6mm3(DI)—=18.
denique 624 ( B G ) = 24. Liquet vero
30— 18 - 24— 72.

:Pxop... 1L

Si vella linea Z
B i) = veftangula 5 que fub

aota Z 5 & quoliber

Jegmenzorams As E comprebenduntuy , equalia funt
eiy qivd & tota Z fit, quadyaro. o '

Dico, Z A~ Z E==Zq. Nam fume B—=Z.

grs  aEfique BA —+ BE—=BZ ; hoc elt (obB==Z)
ZA -+ ZE=—Zq. Q.E.D. '

gLy,

I_’Rvog’.

e e ——



" Proer IIL -

Si‘reita linea Z feta

GZL’ [t utcungue ; reftangu-

E um Jub toa Z , "o
- < #no fegmentoram B com-
prebenfim, aguale oft illi, quod fub Jegmentis A, B
comprehenditur, teltangulo , &~ illi quod 4 predstto
- fegmento E deferibisur, quadrato.
, Dico. ZE:AE+Eq. sNam EZ — EA ans
EE. !

Proer 1Vv. -
Si reta linea Z fe-
. Q &ta fir uscongue ; Opa-
. A E  dratum ;, quodatota Z
- . deforibitur 5 equale eft,
Zaltlil:‘ g‘:‘_ “ﬁgmemif A s E deferibuntar , qHd~
) ;s : -
hendituy, "&)ﬂ:’ﬁi’fﬁ‘b Jogmenss &, & compre
AE,!CO Zq:Aq.ﬂ-E«i’l AEsNamZA—Aq+
"-'EZZE =Eq—+ AE. quum igitut Z A —
Q,E.T). P cernt Zq:Aq-l— Eq+2AE. 2::.1
£

2 FD Jlim'. Siper AB fac
N quadtatum AD » cujus ‘
diameter E B. per divi-

<

fionis punftum €. duc
H -§ perpendicalarem CF; &
per G duc H I parall

AB.
A cnR Quoniamrang. EHG=A

reGtuseft, * AE B4 femire&tus , e erit reliquus ‘Q-C'.'J‘-'

HGE etiam femireftus. Ergo HE f— HG = fen
EF ¢ = AG.  proinde Hl-gquadratum elt reltz g 344
re@tangula funt fub A C » €B. Quare totum
‘l““gmm ADg=ACq-~ CBj—+ 2ACB.

h

PR

coroll,

41,

" AC. codem modo C 1 eft C Bj.ereo AG. GD g'-’é.d:fx'.'.




42 EVCL« L1 cimvniviat
. coroll. N
1. .Rinc liquet parallelogramma circa diame-
triim qiiadrati effe quadrara, R
, 2. Item diametrum cujufvis quadrati ejus au-
gulos bifecare.: . , ’
- 3.StAT== ! Zjerit Zg—4 Aq, & Aq ::éZq.
. N 7 . h
item ¢ contry, i Zq= 4 Aq.erit A= Z.

PrRor V.

> P n Si refla linea
A N S 5 B AB fecetur in .
. . equalic AC b
CB, & non equalia A D> D B, relfangulum fu,
inequalibus fegmentis A D, D B comprebenfun,
ung cum qradrato 5 qued fit ab intermedia feftio
num C D 5 equale e} ei 5 guod & dimidia CBde
Seribitsr, quadyato. o
DicoCBq==A D B4 C Dg.
-{CBq. o
£quantar,} s CDg—+ CDBE~+ DBq—+ CDB
-enim ifla ZCDq-i- CBD(cAC xBD) —+CDB

an tre
B ak R
[ Y

Ciq—+4 ADB.

. Scholigm, |
Aot Si A B aliter
A C ED Bdi-vidatur 5 prop™
: us {cilicet puntto.
bife@tionis, in E; dico AEB t— ADB. .
Nam AEBs== CBq—~CEq.& ADBs=CBq
i ¢  —CDq. ergo quum CDYCCEq, erit AEBC™
" . ADB.QE.D.
: Caroll..

: Hinc ADq =+ DBq =~ AEq~+ EBq. Nam
b4:  ADQ—+DBq-+2 ADBs—=ABqs=AEq—+EBg
‘ ~+ 2 AEB. ergo quum 2 AEB— 2 ADB,, erit.
A%q-&i- DBq—~AEq+ EBg. Q.E.D. . -
. . Unde2. ADq—-+DBq =~ AEq¢—+EBq=—= 2
Tiean, AEB w2 ADB.q q q q

Pro?r

~ }

R



Lib” VI'IO -
Propr VI

< :7—” Si refla linex A
A E bifaviam fecetnt 5 &
' illi refta quepiam li-
nea E in direftum adjiciatur; reftangulum compre-
htg?m [ubtote cum adjeta ({ub.A = E )& ad-
jeBa E ; una cum quadrato , quod :‘("dimidid‘_;_ A,
equale eff quadrato A linea , ’que tuprex dimidia ,
tum ex adfelta componitur, tanquam abunat A —+
E deferipto. ) ‘ :
DicofAq(s Q_%A) +AE—+Eq=0Q.:A
b 7
~+E sNam Q_: A~+E == Aq~+Eq-+AE.
. coroll. )
. Hincfitres re@2 E, B—l—%A, E—+ A fintin
Proportione Arithmetica » re@tangulum fub ex-

tremisE, E 4 A contentum , una cum quadra- -

tooxceffus : A , xquale erit quadrato medie
[ VR . ’
2

PRrRopr VIIL
Si refta linea Z fe-

-@umr utcunque ; Quod

E adttaZ, quodque ab ~

~ wuno fegmentorim E ,
straque ffmul quadyasa, equalia funtilli ; quod bis
Subtota Z , ¢m digto fegmenta £ cemprebenditar ,
"ﬂmglda, & illi ; quod & veliquo [egmento A fit,
Quadyate. - ‘

Dico Zq+Eq==2 ZE-+Aq.Nam Zqe—Aq
+Eq+2AE. &2 ZE b==2Eq = 2 AE. °
oL coroll. )
Hinc,quadratum differentiz duarum quaram-
umque linearum Z, E, %.uale eft quadratis u-
trufque minus duplo re@angulo fub 1pfis.
¢Nam Zq—+ Eq~ 2 ZE=Aq=Q. Z—E.

43

ag 3. . :
Cergqz.

aq.h2.
b;. 2.

s
o=

cyes. &
3.4%.

PROP.

.
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1.2
3 x,

bg 2

4.2,
" bCorg. s
L4 P

EVCLIDIS Elementorss |

PrRoP VIIL
Si reta linea Z fo-

@- cetir utcungue ; reftan-

PN B gulum guatcy compre-

benfum fub tota Z, ¢ uno Jegmentorum E; cum co,

grtod i veliquo fegmento A fit s quadrato , aquale eft
¢, quod & tota 2, difbo fegmento B, tanquawm ab
ana linea Z—E deferibitur, quadrato.

Dico ¢ ZE+Aq—=Q  Z~+E.Nam 2 ZEs—
Zq-+Eqm Ag.crgo 4 ZE—-Aq=Zq+Eq+2
ZEy—=Q.Z-+E. Q.E. D, -

Propr IX
T » & Al . Si refla lines
A QP b A B fecetur in -
) _ qualia AG, CB»
& non aqualie AD, DB. quadrasa,que ab inequa-

. dibus torius fegmentis AD, DB fiunt, (fmil dupli-

oia funt s & ejxs , quod i dimidia A C 5 &~ ejus,
quod ab'intermedia feftionum CD fit ; quadrati.
Dico ADq+DBj=—2 ACjy~+2(Dy. Nam
ADq~+DBqgs—=ACq~+CDq—+ 2ACP—+DB}.
arqut 2 ACD (b2 BCD) «+ DBje==C ¢
(ACq) <4 GDy.4 ergo ADg—~+DB == ACq
<+ 2 CDg. Q.E.D. i
Pror X
—— . , i reftalinea A fece-
W B tar bifeviam , adjiciatnr
) © autem ei inyofbum gue-
Lo piam linea ; Quod & tota
A cum adjinfta E ¢ quod ab adjunita E, ntraque’
fmel quadrate s dupbicia funt & ejus, quod & di-
midies Asr ofus’s quod i compofita ex dimidias

& adjuntta, tanquam ab ana 1 A+ E, deferiptums

ef, quadrati. o

" Dico Eq~+Q. A+E,hoceft « Aq—+2 Eq—+3

AE—» Q.%A—I—z Q.. A—-E. Namz:qQ. L As

:;A_q.& 2 Q_; A~+E c:;Aq~;—qu—l—z AE.
] ¢ : ' P jg’o B’




Liber IT. 45

PRrROEP X]".

¢ , 18  Datam rvefam (i
/ ot neam A B fecare in
] ) Y G, ur compreben-
jlfum /ub tora A B,
& altero fegmento-
\ , irum BG ret.l;ngh-
. lum 5 equale (it ei ,
D E A ¢ quod & qreliquo feg-
: mento AG fir, quadraso.
Super A B s defcribe quadratum A C. latus ag6.,
. ADbbifecain E. duc EB. ex E A produfa ca- p 0.4,
.pe EF== EB.ad A F 4 ftatue quadratumA H.
Erit AH=ABxBG. .
Nam protratta H G 2d T; Reétang. D H ~+
EAqe—gFq¢—EBqe=BAq-+EAq. ergoDH & %
#=BAqd=quad. AC. fubtrahe commune A I; e47.s.
fremanet quad. AH==GC; 4id et AGg=—ABx f3e=~
BG. QE.F. N

.

- Scholium. _
Hac Propofitio numeris explicari nequit ;
neque enim ullus numerus ita fecari potelt; ut *vid€ 1
produftum ex toto in partem-unam ®quale fic
quadrato partis reliquee. - . '
P rRor XIIL .
’ Inamblygoniis trianculis ABC
N quadratum . quod fit 3 lasere
A C angnlum obtufum A B C
[itbtendente  majus eft quadratis > ¢
< B que fiunt @ laseribus AB>, BC
obtufum angulum A B C com- “‘
prebendentibus, regtangulo bis comprebenfo » ¢ Py
unolatersm B C , que ﬁ(nt circa-obtufum angnlum
ABC, in quod , cum grogatbum fuerit 5 cadit per-
pendicularis AD, @mepm exterius linea BD
g‘l’BPc"pmdiculari A D prope angulum obesfur,

Dico

—




.46 . EVCLI DIS Elemestorum
. DicoACq=—= CBq <+ ABq—+2CBxBD. .
Namiftag ACq.
zqualiz Js CDq— ADg.

bas funt in-\yp CBq —+ 2 CBD —+ BDq—+ADg
eqrn terfe { CBq—2CBD ¢~ ABg.
‘ Schol.

Hinc, cognitis lateribus triangwli obtufanguli
ABC, facile invenientuy tum fegmentum BD inter
perpendiculavem A D, ¢ obtufum angulum ABC
nterceptumsy tum ipfa perpendicularis A D.

" Sic; Sit AC 10, AB 7, CB 53 unde ACq 100,
ABq49,.CBg25. Proinde ABq~+ CBq =74
hunc deme ex 100, manet 26 pro'2 CBD. unde -

: C BDerit13. hunc divide per C B 5, provenit
“23 pro BD. quare AD invenitur per47. I.

PRrRopr XIIIL i
A T oxygoniis triangnlis ABC
uadratum 2 latere A B angu-
Inm acutum A C B [ibtendente s
. minus eff quadratis que finnt &
B t’I:zreria'm:,.e*. C, C B acutsim an-
eulum A C B. comprebendeiti-
“baus, refbangalo bis comprebenfo:,
& abeno laterwm B C que funt circa acuttm an-
&nlum ACB, in quod perpendscularis AD cadit, &
- ab affumpta intevius linea D C fub perpendiculari
A D, prope angnlum acusum AC B, .
DicoACq —+ BCq=—= ABq~+:B CD.
_ . ACq+BCq. - ‘
A Nam zquan- e ADq—+ DCq—+BCq.
PR wrifta 3*ADq+BDq—+:BCD.
RAAL U ¢cABq-+2BCD.
. coroll,
- Hincetiam cagnitis lateribus svianguli A B C,
inpenite oft tam fegmentum DC inser perpendicula-

’

o o




:\ M f\*i
LA D g-’/cy

— .5 T ¥ _
Liber 11,
rem A D, & acutum angulum A-B C interceptymo,
quam ipfam perpendicalarem B
- Sit AB 13, A C 15, BC 14. Detrahe A Bq
(169)ex A Cq~+B Cqhoc. et ex 225 —+ 196
=421 ; remanet 252 pro s BCD ;’Eie BCD

47

‘erit 126, hunc divide per B C 14, provenit 9
proD CandeAD== ¢/t 225 =81i=12.

~ProP XLVs -

'S B

E
Dato veitilines A wquale quadrattm ML in-
venire. .

s Facre€tangulum D B == A, cujus majus la- ¢ ¢
s D C produc ad F, itaut CF == C B. & Bi- bjv.:.
fecaD Fin G, quo centro ad intervallum G F
deferibe citculum F H D, producatur C B ; do-

"nec occurrat circumferentiz in H. Erde C Hg==
"ML=a - - ‘ e

€ sonfly,

Ducatur enim G H. Efique Ac—=D Be—= 452 &

- DCF4=GFq~ GCqe==HCqe =ML cgre

Q.E.F.

3.0x,

P L EE SN

S e o

[

v+ D =

e e N,
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LIB IIL
Definitiones.

Z=3 1 Quales circuli (GABC,
&l HDEF )funt,quorum dia-

metri funt zquales 5 vel

quorum quz ex centis

re@e linee GA, HD;

, funt xquales. o

11 Re&a linea A Bir-
culum FED tangere dici-
\tur: qua cum circulum tari-
\gat s h producatur circulum
non fecat. )
Refta FG fecac circus
lumFED.

.YIL CirculiDA C , ABE(itemFB G
A B E) fe mutuo tangere dicuntur, qui fe mutuo
tangentes {efe mutuo noa fecant. v

Circulus BEG fecat circulum FGH. Ia




" Liber 111. ’
F AK 'I‘V.«In circulo
G A B D zqualiter di-

ftare 3 centro dicun-
tur refte linez FE
M KL, cum’ perpendi-

5 i centro G in ipfas
A\ ¢ ducuntur, funt zqua-.
b £ L > es. “Lon’%ius aufem

) .. abefleilla B Cdicitur,
8 quam major perpendicularis G I cadit. ,

V. Ségmentum
circuli (AB C) eft

i " refta linea A G s
¢ & circuli peripheria

tur. -

VL Segmenti autem !mgulus (CAB)ett,
ui fub retalinea CA 5 & circuli peripheria AB
>mptehenditur. L

V11 Infegmento autem (A B C) angulus
ABC)eft, cumin fegmenti pYripheria fum-
um fuerit quodpiam pun&tum B, & ab illoin
tminos ree ejus linex A C, quz fegmenti
fiseft, adjun@lee fuerint re@x linex A B, C B,

inquam acgulus ABC ab adjundlis illisitfheis

B, CB comprehentus.

VIIL €um vero comprehendentes- ‘ahgu#.:‘
mABC, re@alinez A B; B C aliquam-afl

unt peripheriam ADG ; illi-angulas ABC in-
tere dicitur, . : T

D c IX Se--

- culares GH, GN quz -

figura , que fub'.

ABC comprebeadi-

4

. e ———————
- _ —



' "‘,"'ﬁ" GGC,GE. VisG centrum.effe ;s ergo G A==

- by commune eft; b-ergoanguli GEA , GEC pates)

50 ~ EVCLIDIS Elementorum

: - A_B  IX. Se@or autem circuli
+ (ADB) eft , cum ad ipfius cir-
culi ceatrum D conftitutus fus
eritangulus. AD B 5 compre-
henfa nimirum figura A D B.
& dyeltis lineis A D ;- B D an-
gulum continentibus , & ape.
ripheria A B ab illis affumpta.

SN2

X. Similia circuli fegmenta (ABC , DEF)
. funt , que angulos (A B-C,DE F)capiunc -
uales ; aut in quibus anguli ABC ; DEF intet
efunt ®quales. =~ -
PrRor I
: Dati civosli’A B C
centrum F reperive.
. Duc ia circuld re-
&am AC vtcungs,quam |
bifecain E. per E duc’
perpendicularé DB-hanc
bifeca in F.erit F centrii,
C si negas , centrum
g efto G , extra reftam
D DB (namin ;a efle non
L . . ‘poteft, cum ubigue extra
F diwidatur inzqualiter) - ducanturqu?: GA,

G C; & per conftr. A E = C, latus vero GE-

evoddr, & ¢ proinde rei funt, de .GEC — FEC
Jen re@.e Q.E. A g0 ang. GEC
IR o T el




- Liber I1I. .
\ Coroll. ’
Hinc, fi in circulo refta aliqua linea B D ali-
quam retam lineam A C bifariam & ad angulos
refos fecet, in fecante B D erit centrum,

Fatillime per norman invenitur centtum vertice 4,

, dy,
Qud circumferentiam applicato. Si enim refta m

DE jungens pun&ta D, & E, in quibus nor~
ma latera Q D; QE peripheriam fecant , bifece-
turin A5 erif A centrum.  Demonflratio pen~
detex 31. hujus. : '
. ‘Prorpr 1L L
Siincirculi CA B periphea
via duo qualibet punita, A,
B accepta fuerint 5 refla linea
AB, quead ipfa punttaad-
jungitur , intra civculum cas
Rdet. Co
. . Accipein_reta A B quod-
ispunflomD , &ex centtaC ducCA,C Dy

B. & quoniam C A ,== C B, peritang. A= | o ypu :

'-Sedang.CD Be— A ergoang. CDBC™ bt
. dergo CB £~C D.atqui CB tantum péytin- it
itex centro ad circumferentiam s er%’ CD eo-
fque non pertingit. ergo:punftum D eft intra
irculum. Idemque oftendetur de quovis alio
punftoreftz A B. Tota igitut AB cadit intra
siccalun. Q.E.D. ° )

D2 , Corell.

EE——— -

T

d":"'

.
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.¢»  EVCLIDIS Elementorum
) Coroll. ,
' Hinc ; Re®a circulum tangens. , ita uteim -

non {écet, in unico pun&o.tangit.

. , Prprop IIIL..
. ) . . 8i incireulo EABC
. ‘reita quaedam linta BD
ver. centrum  extenfd
quandam A C non per -
centtum extenfaws bift-
. iam focer 5 (inF) &
7 ad angulos reétos ipfam
PC fecabit. o ff ‘ad angi
7 los veflos eam fecer bi-
D fariam quoque eaw fe
-. cabit. .
o _,EXHCentl‘o EducanturEA,EC. .
s | abyp - 1.Hyp. Quoniam AF 4 — FC;& EAV—EG
bs.dft Tam(que E%E‘ommuue' eft ,.c erunt anguli EFA;

.90,

d 1o df1. BFC pares, & 4 confequeriter re®i. Q. E. D

$hbp.& - 2.Hyp. Quoniam ing. EFA (= FC,& ang

) "'6'. EAF f— ECF,, latu{que EF commiine, gent
si6.1.  AF=EC,Bifetta etigitur AC. Q.E D |

: © Cevell. S
- Hinc 5 in trianguld quovis =quilatero & o
fcele lines ab angulo verticis- bifecans balim, pe-
pendicularis eft bafi. - & contra perpendicylars

ab angulo verticis bifecat bafim. o

PrRom IV

\ Si. in circalo ACD
due-rvellatinee A B -CD|
. Jefe mutuo. fecent. non
| centrum, E; exienfa. > It
B;mutua bifatium noP J 12
" . bﬁnh
< Nam. fi una per 9%
: : trum

- ., ‘n_‘ . Id'



Liber ITL e 5

trum franfeat , patet hanc non bidecari ab altera,
quz ex hyp. per centrum nen tranfit.

§i netitra per centrum tranfit , ex E centro
ducEF. Sijam ambz A B ; C D forent bifecta
inF, anguli EFB , EFD aambocﬂentre&x » & 23 5
proinde zqualés. b Q. E- A. . Bgwes

Prop V. P
S Si duo givesli.
BAG,BDC fefe
mutuo [ecent 5 nom
erit illovam idem
centrum B,

Alias enim du
&is ex commiing
centro ‘B relis .
E B) ED A) eﬂént
EDs—E. Bn-—*uf.*ﬂ. ]
EABQE. A by’

PRoOoM. VI

B Si duo circuli B,A'C »
BDE, fefe mutno interius
sangant (in B) eorum. non
erit idews censrum F, o
A _ Alias_dudlis ex ceatro . »ﬂ{
Freftis F B, F D A, effent e
FDas—=FBs= 1=A uslo!-.
?QFN :

Y

D 3 " Pror



4 EVCLIDIS Elementorum

. » ‘
. Pror VIL

Si in AB diame-
tro civculi quodpiam
Jamatur prnttum G »
quod Circrli cemtrum
non [Tt , ab eoque pan-
&o in civcalum que-
dam  velle . linee
GC, GD, GE c4-
dunt 5 maxima gui-
dem erit eq (GA)

) © in qua centrum F,
minima vero veliqua GB. ‘aliarum vero illisque per
contrum ducituy 5 propinquior.-G C remotiore GD
femper major efi.  Due autem folum relle, linee
GE GH aquales abeodem punido in civculum ct-

_ dunt , ad urrafquepartes minime G B 5 vel maxi- |
. " _meGA. o ' :
_azs.z.. ExcentroF ducre®as F C, F D,FE; & fac
ang. BFH=—BEFE. :
810..1. 1. GF —l-Fc(HOC eft GA). :-GC-\
‘ LJE.D. . T
bagafr, | T ‘Latus F G commune eft; & FC b=—F B~
coox.  atqueang. GECeZ~GF D 4 ergo baf. GC
83 ¢ —~GD. QED. . -
- 3. FB(FE)e™3 GE— GF. ergo bl
foex. 8_ Icior]n)muni F G fremanet BG ~d EG
b 4. Latis F G commimmeeft, & F E:,'FGfgii
) . atque ang. BFHg¢=—BFE. b ergo GE== GH.
g;”f' Quod *_vgero nulla aliaGD ex pgun&o G zque
_ tur ipfi GE, vel G H, jamjam oftenfum ef:
. QE-D, - ’

o
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Liber 111, 55
P R o R ler. ) C
o Si extra civcu~

" lum fumatyy puns

l};l.’ Hum quodpiam A 5

o6 ab éogue puneto ad

ai circulum deducan.

op tur quedam  linee

1 AI, AH;AG,

by Fs quaram yng

o . gquidem A1 percen. .
up drum X protendf- -,
(o Fur 3 religue veyo

al o a4t libet 5 in cavam

p : " peripheriam caden-

R " tiumrettarum line-

b ATUIR Maxima qui.

e

. » . dem eff illa A",
i B er centyum dyceryy, aiarum autem ei que pey
© CEntTRm tranfiy Propinguioy AH remotioreA G fons..

i P majoref 1, fonvexam vero periphetiam eq.

L equalesab ep
%2820 in ipfum civentums cadunt 5 ad utrafgue par-
vk ¥ Minime A B, e maxime A Y. Lo

i Excentro K ducreftas K H, X Ct? KFsK C,.

"~ Kbk E.&facang.AKL’:::A C. ' .
BOLAT(AK 4K Hys— A H. QE.D. s,

-¢ "-latusAKcommuneeﬂ}&K H—=KG; .
f 3qu ang, AKH — AKG. bergo bafl A H bagp
2t AG. Q’E D , ‘

3. KA c. _3 KC %AT*aufet hincinde - cio.n
Ples KC, KB, dericAB =3 A, - o ag.en

4 AC 4 CK es AAD - DK. aufer ean
binc inige Zquales CK, DK , feritAC ™2 i
D. Q.E.D. :
AN

F4 ' - Latus-
— i -



56 - EVCLIDIS Elementorum
' V' g. LatusK A eft commune & KL—KC3
] %_mﬁr'; atqueang, AK Lg=— AKC;.bergo LA—=
L CA. hifce vero nulla alia ®quatur; ex mox.
., oftenfis. ergo, &c. :

. .
Propr IX. -
-

. Siin civculoB CK dcce-

prum fueri punium aliqhod

A, ¢abeo puntto ad gires-

. lumradant plures , gram dua
#lte linee equales A Bs

A (,\:\, AKXy acceprum pin-

" dmps A centrum “eft ipfius

. L cirenls.

o . - Nam ¢ 2 nullo_punfo
" extra centrum plures quam dux re@z linez -
quales duci pofiunt ad circumferentiam. ErgoA

¢  echcentm. QE.D: ' ‘ '

i Propr X .

SN - cirentas JAKBL,

' x//_ y K circulumb 1EKFL

. o in pluyibus. quam

g a2 dualfu: pun’&iz o

i M f“‘t-. . .

NQ) ~ Secet 5 fi fien

7 poteft , in tribus

‘ punftis -1 K L.
Inndtz IK KL
o " bifecentur in M

[ YR % i ™ & N s Ambé
‘ _ G . circali  ceptrom
. habent in fingulis perpendicularibus M C, NH-

--& proinde in earum interfedtione O. ergo fe-

| by, caDtes citculi idem centrum ha_bcn;.’b Q.E N

‘ o c P roOP
I L . : . —
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Ll;bff‘l"r'l Te o7 o . 57
: P k op X1 *
St duo circuli -
GADE,FABC
Jefe intus contin-
gant > atque accepia

Juexint eorum cen-
traG, F ; ad e0-
ram centra  adjun-
Bavefalinea ¥ G,
© produita , in A
contaltim civenlo-
“vim cader.

Sifieri potelt, re@a F G protra@a fecet cir~ .
culos extra contadtum A, 11 ut nonFGA,fed .
FGDB fit recta linea. ducatur G A. Et quia .
GPa=GA,&GB t™7 GA,(cumreéta FGB

N e 2 15defle,
tranfeat per F centrum majoris circuli) erit G B b.'s.
= GD.¢Q,E. A. : S s

K PRror XII

Siduo circuli ACD , BCE [efeexteriug consin-
§ant; linearefta A B que ad eorum centra A, B ad-
jungitus, percontaltam C tranfihit, - o
ifieripoteft , fit refta ADEB fecans circulos -
£Xtracontattum € in pundtis D, E. DucAC, .
-erit AD +EB (A C -+ CB) BE"AD-:;:"_-

S PROP.




53 S 771;" VCLIDIS Elementorum

. Pror XIIL | |
A _ Cirenlus
CAFcr
: culum BAH
non rangit in

Pluribus pun-'

(&is 5 qugm

“umo A5 five
ingus 5 ffve

.. extratangat.

F i 'I."l,'a'ngat,

" i fieri po-
teft 5 intus
ih pundis
A, H. s er-

) go re€ta

L : : . C B centra
. . . connellens, fi producatur cadet tam in A, quam

.
athd,.. » o C

b "},‘;”ﬁ in H. Quéniamigitor CHb— CA, & BHC™
‘. CH.eritBA(BH)CCA.Q.E.A. -

c14.

dg.ex. 2. Sindicaturexterius contingere in punds

" en 3 E &F, edufla re@ta EF in utroqge circulo erit.
Circuli igiturfe mutue fecant , quod non po-

nitur. o : '

Pror XIV.
e In cirealo EABC
- aquales yelle * [ineg
" ACBD , «quditer
diffant 3 centfo E. &
gre A €, B D eguali-

terdiflant acentro > €
_quales funt inter fe. -

Ex centro -E duc
. 3 ) petpendiculares E Fs
23 3. ' gg 4 que bu'ecabun; A C) D B. con_ne&e EA

by.ax, 1. Hyp. AC=BD.ergo A F p = BG.{edf: :
S : S BAY

. ,7‘, 4._—4-




Liber 111,

EA—EB. etgo FEq¢e—= E Aq —~AFq=—
£EBq —BGq—EGq.dergo FE—EG.Q.E.D.
2H)P.EF=EG:ergo AFq e—=EAq ~EFq—=
EBg ~EGqe—= GBq. ergo AF4—= GB.
iproinde AD—=BC. Q.E.D.
. Pror XV,

. . : In circulo GABC
F.-A g B maxima quidem liney
eff dimeser ASD; ali-
arumantem centra 3
Propinguior FE remo-
tiore B C femper ma-
foreft. :
I. DucGB,GC.

- Diameter A D (s

((32 —+GC)i—3C
.E.D.

-+ EpLC - 2. Sit diftantia
51 GH. accipeG N = G H. per N dye
(L perpend. G 1. junge GK , GL. & quia
3K=GB,&GL = GC;eftque ang. KGL—
'GC, eeritKL (FE) =~ BC. Q.E. D,

. Propr XVL

CF A p.2SP

ot

tate  diame-
tri HA cajuf-

que  circuli
; L BALH ad

traifum cir~

& in locum
inter  ipfam
reltam  line~
‘am 5 & peri-
pheriam com-

‘P> en-

angulos veftos.
ducituy , ex- .

59

cqrn e
3.ax,
d sehel 48,1,

e6ax,

( Ilf.dtkl;

bae.s,

178 A

ab - extremi-

culum cadet 5 .




6o, EVCLIDIS: Elementoriom
", prebenfum altera yelta linea A Lmvncadet ; © fes !
. micirculi guidem angislus BAL quovis angulo ackto
vedilineo B A Lmajor eft 5 reliquus antemD AT
minor. . .
© *. 1. ExcentroB-ad quodvis pun&um F inre
&a A Cducretam B F.. Latus BF fubtendens
angulum reftum BAF s majus eft latere BA,
quod-opponitur acato BFA. ergo cum BA (BG)
pertiuzgad circumferentiam 5 B F uleerias por-
rigetur ; adeoque pun@tum F;, & eadem ratione
quodvis aliod refte A €5 extra circulumitum
erit, Q.E.D.. ST
: 2. Duc BE perpendic. AL. Latus BA oppof-
bi9.1.  tumreflo angulo B E A b majus eft latere BE,
- quodacutum BAE fitbtendit : ergo pun&tumE,
-adeoque tota B A caditintra cicculum. QED.

. 3. Hiacfequitur angulum quemvis acutum
nempe EAD "angulo conta@us DAI majotem
effe. Item angulum quemvis acatum B A-L ap-
gulo femicircyli BAI minorem effe. Q.E.D.

. Corsll.
Hinc, refta idiametri circuli extremitate ad
angulos rettos du@a ipfum circulam tangit.
Ex hac propofitione paradoxa confequanturs&
mirabilia bene pulta,qua vide apud ibirerpretts.

819, I.’ '

PRor XVIL'
B ¢ Adasopunfio A reflem

i lineam A C ducere , que
datum circulum D B C
tangag.. . .
ggx D dati .circpli
centro ad datum phn-
fum A ducawr Aela
D A fecans pegigheriam
: in B:--Cemers” D deferi-
+ be per A8alium circulum -

. , , AE;
o - [




A E; & ex B ducperpendientarem ad A D, quz
et gccurrat circulo A Ein E. ducE D oclirrentemy .
DAl circule BCin-C. eX & adC dudla refta tanger ™ .

' drculum DB C. o T
F e NamDBs—D C,& DE a— A, & zng, q1q df
ol D communis elf: pergo ang. AC]I% = ,EBD%g 3 ;-A.?-\J‘f ‘
eBh rs&- cergo AC tanigit circulum €. Q. E.F.  ccorais.
A P kos XVIIL -
'“’m 4 Si circulum FEDC
“{iun "tangat ‘vefta  quapiam
Rl lines AB 5 & centro au-

. tem ad contaftum E ad-

OPBE' ) - jungatur vl quedam
s
EZ_W -8a fuerit ¥ E o ipfam
ru;nm : contingentem A B pen.

;’i i 4 E G sendicularis erit.
ale . Sinegas, fitex F centro alia quadam F G .
:p. - Perpendicularis ad-contitgentem,s fecalsit ea cit- 143
. Sulum ia D: Qyom igitur ang. F G E refus
” Featurb e angs - FEG acutus. ¢ ergo FE 5 torag.r.
v (FD)T°FG. 7Q.E:A. dgex.
wt .. Proepr XIX o
e A R . Si _cirealun te-
- tigevit  vefla que- .
) p : pmm linea A B 3 a
contaitu autem C -

s reflalinea C. B ad
N angulos yeltes ipff
13¢ tanZemti exciteturs

, . in excitata C E
e : E ©erit’ cenirum civcu~
P ' oo
b Sinegss, fit centritm extra CEin F 5 & 2bF
s dcontaGtum ducatur. FC. Igitur ang. FCB
e TeQuseft; & aproinde par angulo ECBreffo .
s Perhypoth. b Q. E. A, bigem:
1 - Pror.,

e

Kiber ITT,. 6

'
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A A

a3t
b:’.l.

.
€ 20.0x, .

. gulis DAC & DBC funi inter Jo equales. '

big.e,
€.por Tyeafs

- duplex eft anguli B A C adperipheriam cum fuerit

‘Ae—E,;—2B. QE.D. : -

EVCLIDIS Elementoram
Propr XX. : '

" In cireulo DABC 5 angulus BDC ad censram -

eadem pmﬁa BC baffs angulorum.

Duc etrum ADE. S
Exteraus angulh_s BDE #—DAB-DBAb=,
¢ DAB. Similiter ang. EDC = 2 DAC. exgo
inprimo cafu totus BDC =% 2 BAC; fedin ter-
tio ?(u ereliquus angulus BDC = zl} AC.

. E.D. |

. Incirculo EDAC qui incodem’ ﬁgmenm [int aw

1. ¢af. Si fegmentum DABC femicirculo fit
majus; ex centro E ,duc ED,EC. Eritque 2 ang:

3. €af. Sindegmentum femicirculo majus no?
fuerit, fumma angulorum trianguli ADF 2qué"
tur fumme angulorum in triangulo BCF. D¢
mantur hinc inde AFD 5 — BFC, & ADB ¢ =
ACB, remanent DAC = DBC. Q.E. D

o : T rROL
PE—




Liber 111,
PRoer XXIL.
Quadrilaters.’
Tém ABC D.in
circuly deferipto-
ramanguli ADC 5
ABC ; quiex ad-
- verfo duobug re-
&is funt £quales,
, Dac A C, BD. .
Cane ABGo
~BCA—-BA Caan.a

63

5= 2 Reft. Sed
b BDAs=Bca,,
&BDC b:BAC.vcrgo ABCH+ADC—: Reat. Cpex.
Q. E.D. - L
Coroll. : ) '
1, Hince

) , i*A B unum latus quadrilateri * gigs .
B-circulo deferipti producatar , ‘erit angu- degrem,
U externus E B C zqualis angulo interno
> qui opponitur ei A B C , qui eft dein-

€ps externo EBC, ye patetex13. 1. & 3.ax.

. Item circa Rhombum circulus defcribi ne-
Ult; quia adverff cjqs anguli vel cedunt duobys”
2€Hs, vel eos excedunt. :

. SCHOL

St in . gradyi-

- . Eitro ABCD
anguli A , & C.
gui ex  adperfo
duobus . reltis - e~ -
‘quantur 5 civea
“quadrilaterum . AN
circklus - deforibi. :
potefd. .-

Nam. -circu-
lus Lper quoflis

bet -




64

a3,
- bigp.

C3ax,

dair,

- ABC congruet fegmento DEF (aliss enint
aut intra cadet , aut extra, satqueita fegmen-

13y,

broy,
cl.u!

) . Prof

? Nam fidicancur imilia , duc CB fecantem

. AB. Quiafegmenta ponurtur fimilia, a erit ang.

. ADC= ABC» QE.A."
P Ropr XXIv.
. ) Super - €7
v qua[ibus‘rfﬂ’l ‘
: lineiss A &
g B\ BN D F [fimilis
: . civealorum [e-
P P gmenta ABC,
DEF fint

EVCLIDIS Elementorun:

bet tres angwlos B, C, I tranfibie (urpatebit ex
§-4.) dico eundem per A tranfire. Nam {i neges,
tranfeat per F. ergo du&is redtis BF,FD, BD ;
angiC+F a—2 Re&b=—C—+ A c quare A=F.
4Q.E.A. ’ :
PRrRopr XXIIL
Super eadem re-
&a tine AC dus .
civcnloram  fegmens!
¢ #ABC,ADC
_ . fimilia & ineqs-
lia non conflituentur ad eafdem parses.

circumfetentiasin D, & B, & junge AD 5 ac |

inter fo -

. E . E ¢
A qualia. ;
' (/B . Baﬁ;rAC _
v {uperpofita
ADTTTERA ZF bafi DF d
cobgruet ; quia A C—DF. ergo fegmentunt |:

ta.non erunt fimilia , contra: Hyp-. aut fajtem
partim intra; partim extra, adeoqueipfum inte
bus pundtis fecabic. # Q.E. A.) o proinde f-
gmeatum. ABC:= DEFE. Q.E.D.




‘ Liber 1711, : €5
b "~ Propr xxV.
R Circuli fegmento

\ ABC dato’, deferi-
bere civeulum , cufus
eft fegmentum.

Subteéndantyr ye-
. cunque duzd reQa
. . AB, BC, quas bi-.
* feainD, & E. ExD, & E duc perpendicu-
@ laesD F L EF occurrentes in punéto F. Hoc
Al eritcentrum circyli, ) : - R
iy M centrum s tam in DF, quam in EF aCorigy .
- exfiltit. ergo in commuyni pundtoF. Q.E.F. -

>

;"’ Pror XXVL'
I8 .

42 \

a ‘

* In aqualibus cipeqris GABC,HDEF egwales an.
% 84l equalibus peripheriis A C,DF infifuntfivéad

& centrag H,fve akaipber.B,E conflituti infiftan:.

L circulorum ®qualitatem, et GA— Hp,

"% GC= HF jrem per hyp. ang. 6 =H_

. ¢ U0 AC==DF, Sed'& ang. B b : G= ciitn
i (== B. dergo fegmenta ABC, DEF fiia sy,
i ¢&proinde Paria funt, fergo etiam religna fe- & 34 3.
5 8M€0ta AC, DF zquantur. Q.E.D. . faax

' D Scholixng. : -

P Incircilo ABCD, fic ar-” .
{) cus AB par arcui D' C 5 erit sl

AD parail. BC. Nam dudta
AC,S erit ang. ACB==CAD. #26.5:

.T. ; ‘BC-
- e_juztg per ﬂB-I. AP ';_’Zlo e

A—




§é

AN e

\

EVCLIDIS Elememoram
P rRot XXVIL '

. E. " In equali-
. bas cireulis.,

-G ABC,
HDEE , an-
guliv qui -
qualibus pe-
r wipheriis AC,
' . D - F inf-
Jfunt, funt inter fe equales 5 frve ad cenire G, H,
ffve ad pevipherias B, E conflituti infiffant. .-
‘Nam fi'fieri potelt , fit alter eorum AGC =~
D HF. fiatque: AGI = D HF. ergo arcus
Ala—DFb=AC.c Q.E. A. .

; scHwoL

i

 Linta yelta
F EF, gue dulla
ex A medio” pun-
&operipherie o
. dicujus B C ,cir-
“culum  pangit >
. parallela eft re-
fle linee B C, |
. ue peripheriam
i g[/am{[ubfmdit.
Duc & centro .
D ad conta .

.' . 8um A re®am DA, & conne®e DB, DC. . |

239, 3.
bin’

t4 2
d‘l'o:h{l.

H

Latus DG commune eft; & DB —=DC,arque -
ang. BDA s — CDA (obarcusBA, CAbz-
quales) ¢ ergo anguli adbafim DGB , DG C
®quales;& d'proinde redi funt. Sed interni an: -
guli GAE, GAF ¢ etiam redli funt. fergo B G
EF funt parallele. Q.E.D. ' :
BT ~ PROP,

»Kan—-—____.-



Liber 11t
PRor XYVIIL
. . In eqnali
4 civenlis
o H D E F ) &~

quales  yefle
Flinee A C,
D 'F  equates

! f”{?’bfri?f dllferllht‘,‘ majorem guidem A B C ma.
_ 1™ DEF, minorem ayem AIC minori DKE.

| R 6, H, duc GA, GC; & HD, HF.

L8am GA = HD , & GC — HE > atque
Cix=p F;5berie ang. G = H. cergo arcus

; AI(:“mﬂ"-d proinde re]iquus_ ABC=DFF.

QED, .
i Quod i fubtentz AC e T vel™ADF, erit
il modo arcus AC t— yeT == DE ‘
PRor XXIX. ‘
. In equali-

: l;m' circulis
/-E\- GABC,
_ HDEF,&

- gquales periphe=
AN Rl ABiC,
* ) o - DEF egquas

! refte l}’lf‘ AC, DF ﬁ{Lngu”t_ ) !
' 4o%GA,GC; & HD, HE. Quia GA=

Di&GC:'HF; & (obarcusAC, DF

‘77

.

b8%,

d

€16.3,

3.4x,

‘a . - ee L. —— ; 7
Ql.ngrfs]))fmm ang.Ge==H; ¢ erit Bar,AC—- DF. ;:];- 5.

Ha . . s o o4
& tres proxime precédentes intelligan-

. Wetiay de codem cigculo. E

. P Roop XXX. :
Datam periphériam ABC

bifariam fecare.

@ in D. ex D duc per-
. B € pendicularem D B oc-
‘ .umm arcuiin B Dico fa&tum. i

2 }

[

Duc AC; quam bife~ .



~ .~ e e T
68 EVCLIDIS Elementorwm =
: Iunganturénim AB, C B. Latus D B com-
;::"'Er muneeft ;& AD atDC;&ang. ADBp=—
g1, CDB.cergoAB=BC. dquarearcus AB=
- <83 BC QEF. . '

PN

Pr oF XXXL

In circplo angulus
ABC'5 quiin fem
‘circulo, vefkus eff 5 qui
autem  in majore feo
gmentg BAC , minor

Crc&a 5 qui wero in mi-

- nore feoments BFC,

 major eft yeBlo. Et in

Jupef angulus maforis

Jegmenti veffo  qui-

: © dem major eft , ming
it ausem fegmenti angulus; ‘minor eft retto.

. Exceotro D duc DB. Quia DB =DA , erit |
sy. e apg. Aa==< DBA. pariter ang. DCB 4= DBC. |’
2,‘:“:; pergoang. ABC—=A-+ACBc—EBC,
dw.dfs,. gproinde A B'C, &EB C refifunr. Q.E.D- |
fong™ ecgo BAC acutus efft. Q. E. D. ergo.cum

BAC —+BF Cf==2Re@.eitB F C obtufus. '

- denique angulus fub re@ C B, &arcuBAC

majar eft reto A B €. fadtus verofub C B, & ¢

_ B F C peripheria minots fegmenti,re@o EBC
. 89w . .rmigorelt. Q. E.D. » o
' SCHOLIVM
In triangnlo reffanguld AB C, £ kypotem‘f ‘

A Chifecetur in D 5 civeulus centro Dy per A e

Jeripis tranfibic per B. ut facile ipfe demonfira-
bis ex hac, & 21 1. T

e

N

rROnj




- <

iy, ahgylis BBBC,“EFC-

‘ A-Sn CDlayg anguli EDC’ perpendiculare ad R
B (s perinde enim eft) bergo CD et dia- 216.3.

' metcr-cergo

- eff, deygo ;D

CE«f €rgo ap, — ' Ceonfly, - -
.20a0g.D = ECB, Q _E.D. Y M
. b\“l’)’”glmr ang. ECB . ECAZ— 1 ReA. ﬁ’n;.x..'
Dybrepe. § aufer hinc inde zquales ECB , & P35
. .kacmanen

. :Ifacan-,BA DA.;
andjcularegm dHD

darp

(i!(q]u

(RS

Liber 111, s © &9

Proe: XXXII.

o SEocirculum tersa

- gerit aliqgua vefla k-

.nea AB, & contaily
dictem producatur i

Fcirculum fecans : an-
giECB, ECA,
quos ad  contingen-
tem facit , aquales
Sunb sy quiinalger.
- Ais civculs fogmensis

ang. CE D in femicirculo reftys 593 -
8- D~ DCE— Re&. ¢ == ECBwy 451,

k3.ax,

tECA — F. QE.D. . :
Proe Xxxirn

Super da-
d : " ta r{t'fa b=
E nea AB de-
Jevibere  cir-
culi. fegmon..

BV / tam AlIEB ,‘
_ ‘ " 'quod  capiar
D & angulumATB

equalem da-
10 angulo re-
&ilineo C.
C. per A duc A E per- a3, .
L. ad alterum termioum

. 41\Bc'__ - HPon __m
lag fecer Aagg ABF —BAF. eujtts alteru

10 F. cefitro F per A tefcribe
™2 quod tranfibit per B (quia ang: FBA
- E 2 =

dam vefta linea C E :

FII N




g0 EVCLIDIS Elementorum
pempr.  B—TF AB,cideaque FB=F A) ; fegmentum
Fé L - AIBef id quod quaritur.” .
deth. . Nam quia H D diametro A E perpendicularis
e efty d tangit HD circulum, quem fecat AB: ergo
fenfir.  ang. AIBe——BADf=C. QE.E
‘ PRor XXXIV. .

‘ A dato circuls
_ ABC fegmentim
A B C abfcindere
capiens angulwm '
B equalem dats
angulo relhilines
b St

- & Duc reftam
E F, quz tangat

,u7.j.'-. . . E " F

b2t daum cicculuin A.b ducatur item AC faciens
€ ; ang. FAC==D. Hxc auferet fegmentum ABC
¢ ,-’n'lr'- capiens aogulum B ¢ == CAF 4=D. Q.E.¥-

PRor XXXV.

Siin circdb FBCA due yelelinne AB,DC
’ Jefe mutna fecuevink 5 velkanguium “'?”P"."’”’/}":
t . J » ) ) W

|

o !




.

(

Liber 117, .
Jub fegmensis A B, B B imins > @quale eff e gyod
ub ﬁm;ntis CE, ED alteriys comprebendituy ,
alo, - ! -
L

vefan
Cﬂ/g Sire@= fefe in centro fecent , rescla-
faeft

-

% SiumaAB tranfeat per centrum F , & re.
liquan € D pifecer sducFD. BEftque Re@ang.
AEB L | 4 =FBqp— FDqc=EDq-t ay... .
FEga=cCgp ~+FEq. eergo Reflang. AEB :"ﬁ,"f"'
=CED. Q£ . - at
3 SiunaA B diameter fit, alteramque € D -
‘et nzqualiter | bifeca C D per F G perpendi-
Aemex centrp, i '
Re&ang. AEB —+ FEq. »
) FFBg(FDy)’ T g
!f,:l: ;;a .xFéq -+ GDq. . A
Gq~+h GEq -+ Re&tang. CED. hg.s. A
1p. - KFEq~ CED. TS
Ergo Re&ang, AEB == CED. LENCA
4 31 feutra retarum AB, CD per centrum
Wanfeat, per interfe@ionis . pun@tum E duc dia.
ey H. Per modo demonfirata Redtang.
AB = GEH — CEp, QED. - .

Pror XXXVI

0 Siextraciriulum B BC fumatur pundum ali-

it
[
. < . L

» focoque punido in circulum cadant due
e linee DA; DB ; quarsm altera DA cireuinm
e E 4 Jecets




73
. fecer s alteravero D B ranget 5 opod fub tota fe

" QED.

EVCLIDIS Elementoram

cante D A, & eserius inter punttum D , & con-
wexam peripheriam affumpta D C comprebenditur

_vellangulum, equale evit ¢i 5 quod i tangente D B

deferibitar, quadrato. |

1. ¢4f. Sifecans A D tranfeat per centrum E,
junge B B afaciet hxzc cum D B retum angu-
Jum; quare DBq~+ EB Q_(E Cq) 6 —=E Dq

¢=ADxDC+ECqdergo ADxDC=.

DBq. Q.E.D. o :
2. Caf. Sin A D per centrum non tranfeat,

", duc EC,EB, ED;atque EF perpend. A D, quare

shifeaeft A Cin F.
Quobiam igitur BDQ =+ EBq — DEq b=

EFq + FDq¢—= EFq—+ADC —+ FCQd= "

ADC—-CEq(EBq); eeritBDg=ADC.
eoll
r. Hinc , fi a punflo

quovis A extra circulum

fecantes ducantur , re@an-
§ula comprehenfa fub totis
1

funt zqualia. Nam fiduca-

==ADq¢=BAE.

aflumpto , plurima linez .}
retz AB , AC circulum |:

neis A B, A €, & partibus -
externisAE , AT interfe

tur tangens AD ; erit CAF |

/

A




Liber 111, 73

2. Conftat etiam duas
reftas A B, A Cab vodem
punfio A dudas , qua cir-
culum tangant > inter f&

,@quales efle. ) '

Nam ft ducatur AE fe- ©°

-caps circulum ; erit A Bq
¢ = EAFb—ACq.

e
4 —E !
' 3+ Perfpicuum quoque eft ab eodem puncto
Stadrenlum affumpto '’ duci tantum pofle
duzslineas, A B, A Cquee circulum tangant.
. \_Nam fitertia A D rangere dicatut » erit A
l.‘—ABG:AC.dQ.F. N. . c.eor,
4 Econtra conftat , fi duz reft =quales 48 »
B, AC ex pun&to quopiam A in convexam -
Peripheriam incidant , & earum una A B citcu-
U tangat, alteram quoque circulum tangere.
u_r::;m f feri poteft, non A C; fedalteraA D
Um tangat. ergo ADe= ACSf=—AB. cs.cm.
¢ EQE.A & § ) » ‘ ;";:"
) R . 893
o PRoP XXXVLL

Si extra civeulam E B F
Jumatur puntium D b
eoque in  circulum cadant -
due reBalinez D A, DB
quarsm altera D A circu-
lum fecet , altera DB in
eum incidas 5 fiv awnsems
quod fubtota fecante DA,
O exterids inter punttum >

"¢ convexam peripheriam
. AT affumptaD C, compreben-
ditnr reltangulnm , equale ¢, quod ab imvdgg )

F

.

3
. 3

g
PR
- ——

T G
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lY!

c3 ].
durex &

fra.ex.

goor.163.

E VCLIDIS Elementorum .

DB deﬁ:rxbunr gradrato, incidens ipfa’ D B cir-
culum tanget. . .
Ex D # ducatur tangens DF ; atque ex E cen-

txo ducED, EB, EF. Quia DBq II—ADC‘

= D Fq,dectitDB—DF. Sed £ B— EF,
& latus E D commune eft ; ¢ergo ang. ER D
= EFD. Sed EFD reftus eﬂ fergoEBD
etiam reltus eft. £ ergo D B cangit circulym.
Q.E.D.
tarall'. :
'Hiac, b ang. EDB==EDF.

| . . l L lf ‘BO

e
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LIB. IV.
Definiziones.

'»,'_I?m reflilinea in figura redli-
o linea infcribi dicitur , ¢um fin-
8y guli ejus figurz , %uz inferibi-
4 tur; anguli fingula lateraejus in
qua infczibitur, tangunt. .
Sic triangulxm DEF eft in-

A Jeriptum in triangulo ABC. ,
D‘v f\ E " II. Similiter & figura cir

ca figuram defcribi dicitar, | -

) ) ccum fingula ejus, qu circum-
" F 7 fcribitur ; latera fingulos ejus

. figur angulos tetigerint 5 cir-

caquamifld dcfcril%itur. :

Ite triangulum A B C et defoviptum circa
tri angulym DEF. :

A

~CE n F
L Fi%ura reftilinea in circulo inferiét di-
s, cum fingali ejus figure , que infer i fewr,
anpuli tetigerint circuli peripheciani. :
] V. Figura vero re@ilinea circa cireglun
efcribi dicirar, cum fingulalatera ejus, qu cic-,
“umferibitur, circuli periphieriam tangunt., >
. V. Similiter & circulus in figura reftilinea
;::cnbl dicitur ; cum circul? peripheria fingula
€13 tangit ejus figus, cui inferibitae. -
VL éx‘rcﬂlus agutem circa figuram der;r;gil%

l - - ’ N




76 - BVCLIDIS Elementorum ‘
dicitur, cumn circuli-peripheria fingulos tangit
ejus ﬁgurc, quam ¢! cnrcumfcnbxt, angulos

VIT Refa linea incir- -
culo accommodari, feu coa-
prari dicitur'y cum ejys ex-
trensa in cicculi periphera
fuering; ut re&alinea A B

Provr I Probli .
3 In dato cirvculo
-ABC reitam 'li-
neam A B dccom-
Clmodare  equalem
dite  refle linek
D, quedireuli di- ‘
ametro A C non
 fit major. -
p ;'s’.’ . Centm AJ{P:)(]O ABE— D e defcube circalum
bis.dgy, dato circule’ acéurrentem in B. Ert dufla
.clunlr. Bb— t D QE F : TR e

,I' R'o g, 1 1'.‘, l’rob/..-z.’ )

YRS

In da-
o circu-
b ABC
triangn-

C lum ABC'
defcri-

bere da- -
to tri-

f)FF angulo
. equiangnlym;
AR AN Re&a G H circulum datum a tangatg in A.
I’Facané HAC—=E ; b& avg. GAB=F, &
Jupge B Dico fa&um

Nam

L diata d



Liver 1V,

1
77.
Nam ang. Be == HA Cd=E; & ang. 5::;,;-
C—=GAB4=F;. quare etidm‘ang. BAC=D. , o
. erigotnang. B A C circulo irferiy

: ripum triangulo
DEF ®quiangulum eft. Q. E. F. i

P RORIN prob. 3.

» N

{UN
Cirea datum |

" circulum VABC triamguinm LNM
defcribere, daro triangulo DEF wquiangnium..
Produc{atu:

L 208 AIB== DEG, & ang. BIC = DFH."

tinde in pundtis A, B, C circulum & tangant biz.3.

testeflz LN, LM, MN. Dico fuétuen.

Nam quod coibunt reétwe L N, LM, M N, |
3que ita triangulum conftitusnt , patet ; ¢ quia gryen
angali LAL, LBY 4 re&i funt - adeoque dulta

48 angulos facier LAB, LBA ducbus re@is mi-
" notes, Q i

\

noniam igitur ang. AIB ~kLe== 2 éshol 33ty
Reftp—

DEG-1- DEF; & AlB;==DEG: beerit 5’57

eonfly,

Mg L=DEF.Simili argamento ang. M=——DFE. Biee,

kergo eriam ang. N=D. ergo rriang. LN M [T

dreulo circumfcriptum dato E D F eft squian-
Blum QE.F.

s E F'utrinque. 4Eac ad centrum 833, ¢,




i - EVCLIDIS Elvmentoram ")
|  PROPRIV. Priblg.

A In dato trian<
) gulo ABC cir-.
cilum EEG in-
Jeribere. '
Duos angu-

e E

los B, & C #bi-

- feca re@is BD ,

, . € D coeunyi-

B ™ Cbus in D. Ex

[T F Db duc perpen-

diculares D E, DF, DG. circulus centro B per
E defcriprus tranfibit pet G, & F , tangetque
. trialatera trianguli. v CeoT
gomft. Nam ang. DBE ¢ == DBF; & ang. DEB4=—
b :;'," - DFB; & latus DB communeeft : eergo DE =
DF. Simili argumento DG = PF.Circulus igi-
tur centro D deferiptus tranfit per E, F, G5 &
cum l’:1l1‘xiguli ad E, F, G figt re&ti, tangit omaia -
- eriapguli latera. Q. E.F. -

o _ Scholinm.

rar.merig- + Hine, 't‘ogm'tis lateribus tyrianguli , invenientyy *
' eorum fegwienta 5 que funt dcontaltibus cireuliin-
feripti. Sic, " ‘ ok
SitAB 12, AC 18, BC 16. Erit AB:+ [

B C—=38.ex quo fubduc 18—AC —AE-+FC;
remanet 10 == BE —+BF. ergo BE, vel BF — 3. .

proinde F €, vel C G == 11. quare GA, vel

]

’ AE=— 7. .

~

PrOP -




Ljer Iv. g

Pror’ V. mr 5.

Circg datum triangulum ABC c‘irAcnIu'm' FABG ,
dfﬁribm, ) . to ] ..
Litraqueris duo B A | A C ebifecs perpen- aio Xtz
dicularibug Ty p > E F concurrentibys in F, Hoc
I €entrum cireylj, .

am ducapyr re&x FA,FB,FC. Quoniam
;‘[?K:D i & latus D F communeeft ; & ang.

=

FDB, d erj¢ FB—=FA. eodem modo
=F As ergo

e beonfiet
circulus centro F per. dati erj. Cormfr, &
ngali angulos A, C ranfibit. QE.F. ~ p~

dge.
Corgll.

gulum fuerit acutangulum , o s
a triangulum; reQangulum,
gulo oppofitum ; fi denique ob-
um, exira triangulus,

. Schol.
Eadem

methodo defcribetar. circulus » qui
tinfear per da.

2 triapundla ; non in unarefta
Waexiftentia, -, "

*Hing ) £ trian
entrym cadet iner.
0 lates reftg ag
mfaugul

PloF °
- v -
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.

b16.5.-
| €19 3.

4.3
jr €39.4¢f,1,

..

b8 ;.
qz&‘fu

. d‘“',,}
eg. o}
f9, dtf?l.“

EVCLIDIS Elementorupi

PR OP VI Pribl e
In. date circulo

A T, EABCD g
diatum ABCD
'inﬁribert. a

¢ Ducdiame.

ttos AC 3D
: fe mutuo fecans

tes ad angulos
PR

C  reftos ins centro
E. junge harum

" tetminos re@is A B,BC, CD, D A. Diw !
“faltum. . :

Nam quia 4 anguli ad E redli fuat 5 b arcus

- & ¢ fubtenf A B,B €, C D, D A pares funt
ergo A B C D zquilatefum eft ; ejufque omnes

apguli in femicirculls; adeoque dreéi funt. ecr-

g0 A BCD eft quadritum ; dato circulo inforr-

pouin.: Q.E. K.~ N ‘
Provr VII prebl 7.

G (irca datum cir:
culum EABCD
qucdramF H1G

defcribere.

D . Duc diametros

F’.

e { ’,‘ AC,BD fe m-

. 2 .wo fecantes per-
H /iy pendiculariter. per

- C harti extrema a duc.

* tangentes.:CODCUT-.

tentes in ¥, H, I, G. Dico fadtum. - Nam ob

=nigulos adA, & Cbrefos, cerit F Gpanall. -
HL

eodem modo FH parall. GI. ergo FHIG

"eft parallelogranimunmi; & quidem reCtangulum.

fed & mquilaterum ; quia FG —=HI4==BDe=
CAd=FH 4— Gl quare FHIG eft fquadra-.

tum, dato circulo circumfcriptum. Q. E.F.
- : SCHOL.

T

e . ——




Liber 1V 8«
ScHOL A

B uadratum ABCD cir-
AEB culc%’réumfcriptdm > du-
H plum eft quadrati EFGH-
F Gireuls iaferipti.
. Nam re@tang. HR—:
G ~ HEF. & HD —a1 HGF.
pec 41: 1. oo o

"PRoP VILL Probl. 8.

A In dato guas

{ H_ D dfamABCﬁqciﬁ-'

/LN wim 1EFGH
SV inferibere,

Latera quadfa= .
@ ¢ bifeca in pus

) &is Hi.} E N F,G H
. . junge HF | EG

: B’ —__| C erfegefecantes’ inI.

i F circulus centro I

+ Pt Hdeferiprus quadrato infecibetur, _

m qua AH, BF a pares ac b parallel 8%, a;
ity cerit AB parall. H F_Pml]. D C.codem bign.
“odo AD parall. EG parall. B C. ergo 1A , ¢ 3-%
<ID, 7B, IC fune parallelogramma. - Ergo

d:AEezmzp.l:n::lG.Cixculusigi- gy
- centio I per J deferiptus tranfibit pet ®M- ¥

LB F, G, tangetque quadrati lateta , cum an~
‘MiadH g F, G fincre®i. Q.E. F.°

" ¥ PROP: .




83 E VCLIDIS Elementoram

P R o p IX. Probl.9.

circa  da-
tum  quadra-
tum ABCD
circulum EA- |-
BCD deferi- |
bere. i
Duc _ dia-
metros AC»
B D {ecantcs
. jn E. centro
C E per A de-
L fcrbe  circu

: um. Isdato c‘uadrato circumfcriptus eft-
Y 1 - Nam anguli ABD , &BAC# femiredti funt;
s bergo EA — EB. eodem modo EA = ED=
EC. Circulus igitur centro E defcriptus pef
A:B,JC)P dati quadrati angulos tranfit. QPF

PrOP X. Probl. 10- ‘

Ifoﬁ:elts :
priangs- |
lumthBD
conflituere
quod babe-
ar utrumght
eorum: qké
ad  befim
funt angh
deram B O
ADB di- f
plum yeli- .

ui A. ;
Accipe
quamvis

. reftam AB cain C.i .

s, A » quam afecain C,itaut ABx BC=
. FCa Commo A per B defeibe ciscalum ABD)
: Cin




Ziber 1V, 8
inhocbaccommoda B p— A C, & junge AD. bt ¢

et trang, ABD quod queritur. .

nduc ) C; & per C D A ¢ deferibe circu-cg. 4
Um. Quoviam AB x BC — ACq. dliquet BD 437 3
t2ngere cireulum A CD, quem fecat C D. e A "

. Pang.BDC — A.ergo ang BDC4+CDA Fi— et
Avcpa= gy fedsBDC+ CDA = it
DA} = cpp, kergo ang, BCD = CBD. ':,:;,,

- Rrgg DCi=pp n= AC.';quare ang.CDA—" . o

Q-\E. gDC ergo ‘A‘DB =2 f\ = A?D.

Coroll.‘

. Com ompe anguli A, B, D o conficiant 5 °3% &
. PRel (2Reft) hiquet A'efle 3 Ret. ¥

PrRor XI. rrebt1r.

© - I dus cipeylo ABCDE pentagonum equblate:

™ “quiangulum ABCDE inferibere: - - o

4 Defcribe triangulum Kfofceles FGH, habens 4 0. ¢

WMumque angulorum ad bafim duplum angul
; ad'."‘l“m- b Huic zquiangulunr € A D inftri- b3 4
- "aralo, Apeylos a?l bahm ACD, & ADC
z ‘hlf.“a_re is D B » CE occurrentibus circumfe- cg. %
) ’“‘";_m B, & E. cotne@e retas €B, BA, AE,
P % Die .
j o faltum. . Nam
. e ———————



Petr.Herig, -

EVCLIDIS Elementorym
Nam ex conftr.liquet quinque angulos CAD,

'CDB, BDA, DCE, ECA pares eile ; -quared

arcus ¢ & {ubtenfe DC, CB, B4, AE , DE a-

" quantur. Pentagouum igitur @quilaterum eft.

ft vero etiam 2quiangulum, f quia ejus anguli
BAE, AED,; &c. infiftunt arcubusg zqualibus

. BCDE, ABCD, &
S Hujys‘ptoble‘maxi,praxis facilior tradetur ad
Lo 13.

e coroll. )
Hine, anguluspentsgoni ®quilateri & zqui-
anguli quatur 3 2Rett. vel M Red. :

Schol. -

Vniverfuliver fighre impayium laternm infetibune
tur circulo benefséso triangulorum 1fofeelinm, quo-

" yumanguli equales ad bafrm multiplices funt eorums |

qui ad verticens funt, angulorum; parinn were lﬂff"
yum figare in civculo infonibuntay opelfoftelium tri-
anguldyum, quornm anguls ad bafim multiplices fof-
guiglteri fant eovum; qui ad verticem funs, angule:
rHm.

C Ut i triaogule Hofce-
- 1eGAB, fi ang A== 3 |
C=B; A Blert laus
Heptagoni. Si A==4GCi .
erit AB latus Enneago-
ni , &c. Sin vero A=
Bz C, erit A B latus qua-
drati. Et fA=:2 %_C;

s

' fubtendet AB fextam partem circumferentia:pa*
| giterque A = 3 1Cs erit AB latus oétagon!,

&»“sg\‘{v[“.f - i .. . PROP,

e - ‘- < . J



Liber 1V. L8
PRo P X{L Probl 12,

e

Citta datym civeilum FABCDE pentagonim
“quilaterum g equiangulum HIKLG defcribege.
* Inferibe pentagonum ABCDE 2quilaterum
" Euangulum ; duc @ centrore@asF Ay F B,
 FGED,FE, difque totidem perpendiculares
GaH, Hp1 ,1¢K > KDL, LEG concurrentes
" pundlis B, 1, K, L,G. Dico fattum. Nam -
qWaGA, GE ex uno punflo G btangunt circu= p . 14,5,
Ums cerit GA=— G E.d er oang. GEA esconi6
. ‘¢rgoang. AFE — 2 GFA. egdem mo- 48, 4.
# %0aeAFH = HFB; & proinde ang. AFB ==
: 2AFH, Sed ang, AFEe— AFB. fergoang. .., ,
s SEA=AFA. jod & ang. FAH g = FAG; frer.
&laws FA et commune, 3 ergo HA=—AG' = §'% ¥~
! GE=EL, &, kego HG,GL,LK KT, a0
> 1Hlatera pentagoni quantur : fed & anguli
F ®am, urpore mqualium AGF, AHE, &c. du-13s,1.7]
b Pergo, &, e : :

atng

i . . Covoll.

Eodem padto , fi in circulo quacunque fignra
Huilatera & 2quiangula defcribaturs ‘& a e;r;

I Rema femidiametrorum ex centro ad angulos
- i F 3 - dudta-

; g  ———————n




86— ~ ‘EVCLIDIS Elementorum. \

du@arum, excitentur linex petpendiculares, he
perpendiculares conftituent aliam ﬁguram toti~
dem laterum & amgulorum zqualium circulo
circumfcriptam.

Pr 6p XIIL Probl.13.

In dato penta- |
gono  «quilatero
o aquiangulo
~ ABCDE circu-
lium F GHK in-
Seribere.
: Duos penta- |
goni angulos A, |
| "~ & B abifeca re-
~ &is AF , BF cori-
< A D : currentil;us in F.
Ex ¥ duc perpendiculares FG,FH, F1, FK, |
‘E'L. Circulus centro F per G defcriptus tanget
amnia pentagoni latera,
by . DucFC,FD, FE.Quoniam BA5s—=BC;
'j“(:lf(_- & latus B F-.commune eft ; &ang. FBAc=
+%°  EBC,derit AF=FC; & ang. FAB— FCB.
ewp. . Sed ang. FABe—1 BAE ¢e=!BCD. ergo
ang. FEB — ! BCD. eodem modo anguli tota- |
» les C, D, E’® omnes bifedti funt. Quum igitur -
f1r.e5. 1 3ng. FGBf—FHB, & ang. FBH—FBG, & . -
g36. b latus FB {it commune , g erit FG— FH. fimili~
ter omnes FH, FI, FK, FL, FG zquantur. Er-
go circulus centro F per G defcriptus eranfit per’
beras;, FLLK,L; ptangitque pentagoni latera, cum
. anguli ad ea pun@afinc re@i. Q. E. F.

Coroll.

"Hinc, fi duo anguli proximi figur zquilate-
1% & xquiangul bifecentur, & dpunéto, inquo |
coeunt linez angulos bifecanges, ducantur reétz
L : linez

e —— e riesintnttl]

ﬂg 1




. Liberzv. = . 82
line ad reliquos figure angulos ; omaes anguli
figurzerunt bifeti.

Schol.

Eadem methodo in qualibet figura ®=quilatera
& zquiangula circulus deferibetur. . '

P.ro P. XIV. Probl. 14.

Circa datum Pentagonum equilaterum & &=
guiungulnm ABCDE circalum FABCD deferi-
s bee,
Duos penitagoni angulos bifeca re&is AF>BE
concurrentibis in F. Circulus centro ¥ per A .
;‘ defcripmspentagono circamfcribitar. )
- Ducantur enim FC, FD , FE. a Bifefli itague 2 sors3-4
fntanguli C, D, E. bergo FA, FB,FC, ¥D
t tEzquantur. ergo circulus centro F defcriptuss
 brA,B,C,D,E, penragoni angulos tranfi-
bir. Q.E. F. : :

Schol.

Eadem arte circa quamlibet figuram zquila-
am & @quiangalam circulus defcribetur-

F 4 . pgé\‘- .
A - -,—,——mmmmEER
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53 1
i§. ¥,
e 3.8,
26,3,
839.%
£17.3.

Andr.Toeq.
o,

EVCLIDIS Elementorum I

)

PRrRoOP XV. Probl. 15. :
A In dato cireulo G-
3 ABCDEF  hexago-

num ¢ aquilateram

& aquiangulum A B-

circulum , qui datum
fecetinC, & E. duc
diametros CF , EB.

g fadtum.’

Namang. CGDa =12 Re&.s —DGE b=
AGFb—AGB.cergo BGC—* z Re&.—FGE.
d’ergo arcus ¢ & fubtenfz AYEBC,CD, DE;
EF xquantur. Hexagonuni Mitur zquilacerum
eft : fed & zquiangulum, f quia finguli ejus an-
guli arcubus infiftunt xqualibus. Q. E.F.

o corolt.
+x.Hihc latus Hexagoni circulo inferipti femi-
diametro zquale eft. -
. 2 Hincfacile triangulum zquilaterum ACE
in circulo deferibetur. ' -
Schol. Probl.

" Rexagonum ordinatum [uper data refla C Diit4

conflrues, 8 Fac triangulum CGD zquilatetum

fuper data CD. centro Gper C, & D defcri-

be circulum. s capiet Hexagonum fuper data

cD. |

jungeAB;BC, CD>.
DE,EF, FA Do

. CDEE énferibere. :
y Duc diametrum .
\ A D ; ceptro D per

gcentrum G deferibe




Liber 1V. - 8
Proyp. XVLI Probl 16,

Indatocirculo AEBC quindecagonum equila-
| Wrumdr equiangulum inferibere., .
| Daw circulo ainfcribe pentagonum @quila- 1114
4 teum AEEGH ; b itemque triangulum zquila- ®3 4
terum ABC.erit BF latus quindecagoni qualiti.-
- Namarcus AB ceft % » vel _3 peripheri®, Cu- ceonftr,
| JsAF eﬂ; vel 7. ergorreliquus B F = ‘_;,Pﬂ'
| g, TPh. ergo quindecagonum,cujus latus BF, =
“‘qu‘!at_emm eft ; fed & ®quiangulum’;d cum fin- g,y ;.
¢jus anguli arcubus infiltant =qualibuss
qUorum. unafquifque eft ‘®rotius circumferen~
iz, ergo, &e. 3 ]
. Schol. )
. Circulus di. 4.8,16,&c. per 6, 4> & 9.
viditue Geo- 3,6, 12,&¢. peris.4&9,1.
metrice in - N5, 10,20,&e¢. pet 114 & 95 1
Partes I5,30560.&c.per 16,4 & 9> ¥.
Caterum divifio circumferentiz in partes datas
i CUamoum defideratur;quare pro figurarum ‘I““;
fumcung; ordinatarum conftrudtionibus fxpe 2
mechanica artificia recurrendum_eft ' propeer
99% Geometre praftici copfulendi funt.

~

¥__‘__

s i~ gy
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L I . B, Vo
- - Definitiones.

Ars eft magnitudo magnitudic’
nis, minor majoris , cum minor
X metitur majorem.’ .
I I Multiplex autem eft major
. minoris, cim minor metitur ma-
. Jorem. . Do -
I1L Ratio eft duarum magnitudinum cjuf-
dem generis mutya quadam fecundum quanti-
tatem habitudo. : S
In omni ravione ea_quantitas, que ad aliam res
fertur; dicitur antecedens rationis; ea veroy ad quam
alia vefertur , confequens vationis dici foler. utin
ratione 6 ad 4; antecedens ef} 6, & confequens 4.
Nota. o
Cujufgue rationis quantitas inmotefiit dividendo
" antecedentem per confequentem. wt yatio 1zad §
eA/fc'er per 3. iem quantiras ration’s A ad B e

B+ Qare nonyaro brevitatis canfa , quantitares

. C
rationum fic defignamus , gx:—,ml =,vel 33

hoc eft, ratio A ad B major eft ratione Cad D »
vel ei aqualis , vel minor. Quod probe animad-
vertat, quifquis Bec legere voler. :

Racionis,(fveproportionis [pecies,ac divifones vi-

de apud inteypretes. .

1V. Proportio vero eft rationum fimilitudo.
Rettins que hic vertityr proportio, proportiona-
bitas, five analogia dicituy ; nam proportio idem de-

notat quod vatio, ut plevifiue placet, .
. ,. V. Rationem habere inter fe magnitudines
dicuntur , quw poffunt multiplicatz fe mutuo
. fuperare. :
‘ VL Ia

33

n . o ——



Liber V. : [33

E,1214, 4. B, 6.1 Gy24. VL Ia ea-
¥,30.1C10.D,15. | H, 60. d@ ratione ma-

‘ gnitudines di-
anturede’, prima A ad’ fecundam B, & tertia
Cadquaram D, cum prima A , & tertiz C

¢ ®quemultiplicia B, & F a fecund2 B , & quar-

i, @ Daguemuliiplicibus G, & H, qualifcunque
it hzcmultiplicatio, utrumque E;°F ab utrogue
Gs Hyveluna deficiunt, vel una zqualia fuot »
velunaexcedunt, fi ea famantur E, Gs & F, H
9= 1nter fe refpondent. -

Hujus note et 2. ut A. B':: C.D. hoc eff

AdB, & CadD in eadem funt vatiome. ali~

qhands fc fevibinmus %:g idef,A.B:: C. D

VILEadem autem habentes rationem (A.B::
CD) Proportionales vocentus. )
E30.1A4,6.8,4.1G,28.  VIIL Cum

F; 6o, C1a.Dy. | H,63. vero =quemul- |
b : tiplicium, E mul-
tiplex prim magnitudinis A excefferit G mul-
tplicem fecund B ; at F multiplex tertiz C
, Meaexcefferit H muldiplicem quartz D; tung
" PmaA ad fecundam B majorem rationem
‘ -haber: dicetur , quam tertia C ad quartamD. "
Slir‘% s necefJurinm non ¢ft ex hac definition <
© ™ ut E femper excedat G 3 quum F minor ef
4em H; fed cancedisur hoc fieri poffe.

. IX; Proportio autem in tribus terminis pau-
E‘ﬂimn, confittic. Quorum fecunda eff inflar

orHm, :

X. Cum autem tres magnitudines A>B, C
Poportionales fuerint , ptima A-ad terriam C
Uplicatam rationem habere dicetur ejus 5 quam

. Jbetad fecundam B:at quum quatuor magni-
- tudines A, B,C,D,proportionales fuerint,primz’
ad quartam D triplicatam rationem habere

. dicetur

P ‘ e ——————
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EVCLIDTIS Elementorum

diceturejus 5 quam habet ad fecundamB ; &
femper deinceps uno amplius , quamdiu propor-
tio extiterir.

Duplicata vatio exprimitér fic %:% bis. Roc
eft y ratio A ad- C duplizataeft rasionis A ad B
Triplicataautem i =5 rer. id et , vaticAod
D jyiplicata eft rationis A ad B,

i denorat continue proportionales.ut A)B.C,D;
item 2,6,18,64 {unt = :

X I. Homologz, feu fimiles ratione, magni-
tadines dicuntur, antecedentes quidem antece-
dentibus; canfequeates vero confequentibus.

_ UtfiA. B:C.D;tamA & C , guamB &
D homologe magnisudines dicuntur. )

X 11. Akernaratio, eit fumptio antecedentis
ad antecedentem , & confequentis ad confe-
‘quentem. - L.

Vi fit A.B::C.D. ergo aiterne, wel permi-
tando, vel viciftim, A.C :: B, D. per 16. 5.

In hac definitione, & . fequentibus imponuniuy
nomina fex modis argumentandi , quibus mathemi-
sici frequenter utuntny ; quarins illationum vis ine
nititur propoieionibus hujus libri , que in explit-
tionibus crtantur.

X 111 Inverfaratioselt fumptio confequen-

. tis cenantecedentis , ad antecedentem velut ad

confequentem. - :

vt &. B::C.D. ergo inverfe ; B.A :: D. C. '

per Cor. 4,y , B

. XIV. Compofitiorationis s eft fumptio an-
tecedentis cum confequente;ceu unius, ad ipfam
confequentent. - -,

- ¥t A.B:: C.D. ergocomponenda, A-+B.B i
C—-D.D.per18. 5. .

X V. Divifio rationis , eft fumptio exceflus s
quo confequentem fuperat antecedens, ad ipfam
confequentem. i . ’

e t—————

n




Liber V. " ‘. 93

Ve A. B:+C. D. ergo dividendo y A<B.B 1
C-D.D.per17.5. L

XV 1. Converfiorationis , eft fumptio ante=
cedentis ad exceffum , quo fuperat antecedens
ipfam confequentem. .

VeA.B::C.D. ergo per converfam rationem,.
AAB:C.C- D. per cor.19.9. }

XVIL Ex zqlalitate ratio eft, f1 plares
duabus fint magnitudies , & his aliz multitu-
dine pares , .quz bine fumantur ,, & in cadem
Izione 5 cum ut in primis magnitudinibus pri-
maad ultimam , fic & in fecundis magoitudini-
us prima ad uldimam fefe habuerit. Vel aliter 5
fumptio extrémorum , per fubduGtione me-

ogum. .
o l%uv 111, Ordiaata proportio elt , cum fue-
Tt quemadmodum antecedens ad cSnfequentem;
1taantecedens ad confequentem : fueritetiam ut
- confequens ad alind quidpiam , ita confequens’
adaliod quidpiam. . ‘ .
Bf A.B::D.E. itemB. C 3 E.F. erit ex
¢uoA.C::D. F.per2z.q. .
. X1X Petrorbara autem proportio eft 5 cum
- tiibus pofitis magnirudinibus , & aliis , qua fint
multitudine pares , ut in primis quidem
hagnitadinibus fe haber antecedens’ ad confe-
quentem, ita infecundis magpitudinibus antes |
«edens ad confequentem : utautém in primis *
magnitudinibus confequens ad aliud quidpiam, -
110 fecundis magnitudinibus alinid'quijpiam
& antecedentem.
Vi fi A.B i B.G.item B.C:: E.F. erit &
“quo perturbate A. C :: E. G. per 23. 5. .
XX. Quotlibet magpicudinibus ordine po-
fitis , proportio primz ad ultimam componitut
1 exproportionibus prime ad fecundam , & fe-
cande ad tertiam , & tertie ad quartam 5 & 1%
deinceps, donec extiterit proportio.

i

Sine

g

;———‘.—
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EVCLIDIS Elementorum
. Sint quotcunque A, B ,C,D3;. ex hac def
A_a B . €
p—a+te 5

N

Axiomd.

zquemultiplices eidem multiplici,funt quog;
inter fe zquemultiplices. '

Provr L
A_G W BLOE.

cC I K D g
pr—f———

Si fint quotcunque magnitudines AB 5 CD,
quotcungne magnitudinum E, F equalinin numeroy
[fingule fingularam , equemultiplices; guam multi-
plexeft unins Euna magnitudo A B , tam multi-
plices erant & omnes AB~+CD omnium E~+F.

_ SintA G, GH,HB partes quantitatis AB
1pfi E =quales. item CI, IK, KD paites quan-

" titatis CD ipfi F pares. Harum numerus il-

larum numero ®qualis ponitur. Quum igitur
AG—4Cla—E~F; s & GH-+IK—=E-+F;a &
HB—~KD=—=E~+F, liquet AB~+CD zque mul-
foties continere E~+F ; ac una AB unam E coa~

'

T

Frod,
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Liber V.
Propr IIL

Siprima A B fecunde C eque
fuerit multiplex , atque tertia D B
quarte F ; fuerit autem o quints
B G fecunde C 2que multiples
atque fexte EH quarte B, erit
¢ sompofita prime cum  quinta

9%

- (A G) fecunde C  aque multi-

plex, atque tersia cum fexta (DH)
quarte E. .
Numerus partium in’ A B ip&
C =2qualium =2qualis ponitur
numero partium 1 DE ipi F
zqualium. Item numerus par-

umin BG popieur #qualis numero partium

| in'E H, erg,

o.numerus partium in AB—+B G sz,
,  Bquaturnumerg i

tot2a AG 2quemy

partium in DE—+EH. hoceft

Atiplex eft ipfius C, at -
‘3GH’ipﬁus‘F; tiplex eft 1plius C, a que.to

T

_? T

oy
1L

')-G

" 2quemultiplex atque C,vel FK, &C-"P‘i“:rb‘

‘_

.E.D.
P%o p. 111

Sit prima A fecunde B
equemultiplex , atque tertia C
quarte D ; fumantyr asiens
I, EM equemultiplicés pri-
me ¢ tertie ; evit & ox
“quo, [umpearum utrague wiri- .
ufque  equemultiplex : daltera
quidem B 1 fecunde B > altera
antem F M quarte D.

Sint EG, GH , HI par-
tes muldplicis EI iph.A
pares; item FK, KL, LM
partes multiplicis E M ipfi

. tus illarum numero xqua-

. l ‘ C =quales. 4 Harum nume-3 b
“EAB lgc p: tur. porro A,ideftBG , vel

G H, vel G1 ipfius B pon-

gO




9§  EVCLIDILS Eicmentoram
big  bergo-E G—+GH xquemnltipléx eft fecunds
(I% 3 B ,atque FK— KL quartz D. ¢ Simili argu-
medto E1 (E H <+ HI) tam multiplex et
ipfius B ; quam FM (FL~L N) ipfius D.
Q:E.D: v »
PROPR IV.

1 T Siprima A ad feeundsm B

' eandem habuexit rationem , &

- tertia C ad quartam D 5 etiam
E &~ F equemuliiplices primé
A, ertetie C ad G, oo H
aquemultiplices fecunde B , o
guarse D > juxta quamvis muk
tiplicationem , eandem babebint
vationem 5 (¢ prout inter fe e -

| [fpondent s ita fumpia fuerint.
G L (E.G:F.H) -
HM < Sumel, & KipfarumE, &
P F; item L & M ipfaram G, &

w3t e
| e 1 | m:—:‘-—t

—i}

H zquemultiplices. s Erit 1
ipfius A ®quemultiplex atque

2.5+ » - K ipfius € ; 4 pariterque L
Lo tam multiplex ipfins B quam
* Miplius D. Itaque cum gt A,
Bb i C.D.; juxta 6 def. fi

parimodo K=, " M.
] ergocum I, & K ipfarum E,
& F fumpte fint zquemulti~
plices, atque L, & M ipfarum G & H j erit juxta
74ef.E.GuF.K. Q.E.D. .

. i coroll,

- i ) I, ==, "2 L;confequenter

v

Hine demonfliari folet inverfa ratio. - -

Nam quontamA.B::C. D, fiE ., ::—J

+ 6dfy, Gceritiimiliter E ==, == I H. ergoliquet?
Lo . quo

- R ’ P—




—  Lit;r V..

odiG e =,"TE ; effeHT™, =, AF-

ergoB A D.C. QE.D. -

.

Stk

-

Propr V.

¢

s AS;‘ magnituds’
S, s ‘B’ wagwitndss. -
(& » - B‘ CcD.

fuerit mh_lp!ei;m’luubl}id AE
reliqua EBveli

6ty

ablita GFS&:}:&:
GiE FD itamiblsiplexerit’;” uf ot -
A’B‘miésCDq. FD " -

R R
. Accipe aliam quahdam G Asqiz reliju® FD,, -
irafiemultiplex, atque tota' AB totius CD, vel

ablita AE ablatx CF. ¢ efgd tota GA~+AE

ke
7

totitis CF ~+ FD 2quémultiplex eft,ac uga AE **-%

AB,cproinde, ablata com
= EB. ergoy &e, « !

Loy

W

kjE‘Ff‘c

CHdetra,
g -G

PR OE v!'.*' ,

‘dudyin magnitudinum. E ' >.F Jint
quemultiplices ,‘\_oe'dml&:(q*m

b e, AG, 8¢ CH, eavandem Ejor B
o ) Ry equemnisiplices 5 ‘o religne GB ,

"HD¢ifdem E , F aut equales funt,

*| - ant egue ipfeltunTulsipiices.

m quit numerus partium in

' »L AB ipfi B zqualitm ‘ponitur 2-

%ualis'nuﬁ&in pantiufiin CD ip

k zquatiut 5 itém ‘vunierus pars
tomik AG aPuiﬁs' nurhero pare
1

" tium in € H> 1 hine A'G y inde

E%’Bf‘ OB fc E femel , eric HD etiatf'C femel,

SheB aliquoties’, grit
Acepta. Q. E. D,

e

1 Syidue mugnitidiel BB 5 CD

‘Hip-tiam C to-

2Rrof"

s

muni AE’, manet GA ¢34x’

atur , o réminer pumhéius partium in |, 0
B zqiafi} “humerd_p rtiu‘ll:‘l'in HD;**"

T

et LR T
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ey
b,
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- Rabere rationem,

e3.4 4.

EVOCLIDIY Eionxnivinm

.. P RO 'Pc VII’. " i,
. - Equales A
D Pt B ad -
'c‘ . F T dems C ean-,
Br——ie " dem habens

vationems & eadem C ad dquales A o B. - .
Sumantur D & E =zqualinm A & Bzque-

aerit

'multigicé's > & F.utcunque multiplexipfiusC;
) =E.quare fi D £, =, Fyerit fimi-
licer E =" F. pergo A. c

:: B, C.iaverfe

igiut C.Ae:: C.B. Q. E.D.

Schol.

" siloco multipiicis-l-‘ fumantur duz =que
! rulsiolices , eodem modo oftendetur zquales
- magnitudines ad alias inter fe aguales eandem

2

£t

\ WY
-
n
G-

PRop Vril.'

Tnegualism m’gﬁimdimm ABG
majer A Bad eandem D majorem ratio-

. mem hebet, quam minoy C. Et cademD |
» ad winoien C majorem yationembabers |

. quam&dmajorem AB.

.~ "Exmajori AB aufer AE = <. fu

mamur HG tam multiplex ipfivs AEs

vel C, quam GF reliqua FB. Muld-

.plicetur D, donec ¢jus multiplex X

-}: major evadat quamH G, fed minot
+ quam HF, .
& Quoniam HG ipfius AEs tammul
- tiplexeft , quam 'Gf-ipﬁusE 5b erit !
. totaH ¥ totius AB sequemul tiplex>

argue una HG vaofus AE , vel C. esg0

" cumH ¥~ IK (quz multiplex et
. ipfius D) fed HG 3 IK seelt

AB_C._ ..
5D QLED.

Ruefiss

¢




g AV e
Rufos quia i — He , atIK "2 HF (u !
- piusdum) serit 22 Q. B, D. " E
, Pror IX : i
] L. Lo . b
I Qué ad eandem eandems habens rationewy;
. €quales funt inter fe.Bt id qias eadem ean-
. ’ ! dem ‘l;abn rationem,ca guogue funt intes ¢
i equales, e ' L
111 Lap. SitA, €1 B.C. dico A=B.
ABCNamfit A—, vl TIB, seritideo gy,
%'C-', vel ".!g, contra Hyp. '

, B SkCB: C Aidico A—=B. nam
R TS S e

Py of X.-
it

2

Sy \ i
Al M iagnitudinems vationem bes . g

bentivm, que majorens vatienens bubet, ill6 .

1 Pajorefls ad quam. veyo eadens majovens

» '!dtiﬂnmbaﬁ‘&,illuﬁ‘ refls T

i A'p¢ I-Hy[.Sit%C"—g .g:o Af;‘B. Nam:.

b A =Bj0erit g, C1: 3. castraay.g 7

A8, b it gaferiaim conerayy

L Hyp. Sin
(v Hyp. T

v HJP-Sit‘gL—'g. Dico B™A. N,amrdi“.

" =Acergo CiB1: C A, contra Hﬁm_vel“""
[ c T

]ﬂ dicp E_"A(, tra Hyp. 4%

dergo S

Lt

%




100 EVCL TD]Q’S "Elfmentarum

i .PrRoOP XL
Ga——-—-—-—}l;—-—-—-—-,-% U
i D~— F g

L— : M
éﬂ dem [int pedem. rationes » grimet fo funt
?‘A.B {E. 1= uemC D::E.F. dicoAsBy

fume i E &quemuleiplices
;l, atg ue & ?e ipiges,
L,M. Et qpomam - A,B é lg gt
: ’t'z'df '—J K, b emﬁEn modoli:" ,._.,"%M. pari
’ Hq[l'ua’ EvB1:.G:Di 6 }C"J,q....,': M,
eritin "= erga 1 G, 25 S,
...,“” AKX, eritlimi ﬁe-rﬂ é—, _’58_: L, ¢ "i‘““‘
» A.BuC.D. Q_,E. Dy, . =«
‘ “ Schol.
: elﬁlem ra% ‘b qp';‘eagéfzp rationes,
Y et ('\ ST e&(

T g :P R d'P X*I:I\

T C'r } .
= - e
nﬂmu"v'm) R Jhe—pa e DA ‘l:“"‘-—',~ — ’
e o TN - . !
" Kot - L M-

** 5 Si fint_maguitudines qmm‘unqueA &B;C& .
D;E&F pmpormmle:, gmdqglam Je bcbu
vigjnamaectdening bos &w ﬁumrw&

- ~itg fe hibopn '{f ey ACy E pdow: .
. o mes confgquens®, B, Dy i
R inucuclé'nu equemnluplxces G,Bi;
_ & confequentivm K, L, M. Quoniam quam
g, multiplex eft una G umus A etam muldpli:
‘ces funtomnes G, H, I omnium A, C, E; pa°
" riterque quam multiplex eft una K uoius B,
~a tagp gnpilciplices fuge pmaes X, L, M omni-

‘um B) Da E: 3 ﬁ Gr; —7 ’-:"; ﬂ'“ ﬁmll““
G-+

- .




her Yy, 0 ¥th
G-l-l-l-l-IL_'-.- K L b LLE £
$A4C+E. é-l-i)#-F-kQ_ (M quare B tax
© o CofoM.

' Hmc,f Fm}liapropotuonaha Gmxhbus b
u rpomon‘mbds dddaiitir, tota rung p'ropémgﬂa-

: P x\m .

’h G\\ H——_______,;_I -—.‘- amenva

p . ‘A‘\“.~ C . i ‘ §
bx—.grT o fnon, N

Siprims § of [ecundam B eandem bzlmerit e

. ;’;:n hamititiy C ad o L qrariamDtertignero C.. .

arih D majorens lmlmmt nm»mn 3 guds S
s+ TE dfoxsam Fsprima quoque A ad fecundans
B ”";{mmmmmm h‘abebit, 1u¢m qlmm Edd jéx-'

Sqme lphrrum A ,;C > i aquemuluph@ -
arymque B, D emaldplices -
:L,M gmAB C.D sf L, deut.“.f,]
| 6o, Sedqmaﬁcﬂi 3 bfiexi poteft ut fic
. HC'L & ”“0
_ »& 1 non M. er feri poteft ut
E‘ G“L"K;&lnomc"M cergo-n-—: Q.ED. ‘""'

Scmor. %

3

; ‘Mﬁa-z..; ehquoqucg'?; lmnﬁ

Ts~ P At & B 4 "‘-ﬁ’ﬂu
J‘ﬁgx . .

wms o,
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a03 BV CLIDIS ‘Elementorsm

twedo U TPRe R XIV.,
" Siprima. A ad feeandam B eandew
babuerit vationesm , quam serris C ad

- quartam D; primavero A , quamtertia |
Cmajorfuerit; evit & fecunde B major
quam guarta D. Quod (7 prima A fur-
1it gqualis tevtie C, erit © fecundzB
equalis quarte D; ff vero A minor,& B

.. wainor evit,. o ]
b | SitAT—C. sergof5 ¥ (el

'

« -
—

1 YA
5. Yyl e e e
iy ABEDI=f iop fofupr
& Similiargumentofi ATJC, derit B];D! D. Sin

" & 9.9, ponatur- A==C ; ergo C.B ¢:: A.B/::C, D
, ,'mtu gergo- B==D. Ql,égE D.

... SCHOL.. . |
. * Afortiori , fi§ "5 ? atque AC~C » et |

BcD. Ttem fi A=B, erit C==D. EcfiAc" |
vel "B, erit pa_ritet CChyvd AR

. ‘PROP XV

" Partes C&F .cum parirer multipli- |
& tibus AB> & DE in eadem funt rationts
prout fibi mutuo vefpondent ita fuman-
tur. (ABsDE:r'C.F.) o
H  Sint AG , GB pirtes mulriplics
T las iphi C 2quales ;- jtemy:D-H, HE
{ | partes- muldiplicis DE ipfi F =qui-|
¥-{les. sHarum numerus tllarum ézugf"
ro zquatur. .ergo quum bAG. L)
\CDf DH. %‘; éatque %x.qc ««HE. F.centt;
AG-+GB(AB)DHw HE(DE):CF
QED. o e

o
g

b,

_— S . Prof
e T —1

L N
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"ProPr XVL .., . ' !
e

R s

Si quatuor magnitudines A, B, €, D proporsio- 7
nales fuerint § & wicifiim proportionales exunt. g
(AC:B.D.) . . .

Accipe E & F zquemuldiplices ipfarum A
& B. ipfarumque C & D 2quemultiplices G& .
H.ltaque E.Fs:; A.B_@» .« C.D s GH Quate‘cl i._ e
B~ =2 G, cerit fimiliter F -, =) ™2 -

A T

Hdergo A.C::B.D. Q. E.D. e & i
, . SCHOL. . . dég.
* Altemaratiolocum rantum habet , quando T
quantitates ejufdem {uat generis. ' Nam Hetero- i
£eDe quantitates nongomparahtur.
.. . Prope XVIL
N o . §E compofite maguitudines . !
. o pydportionalés fuering (AB.CB.
_ #DE FE,?' he quogue divife
i O | proporrionales evunt.(AC.CB 2

.. L Acdpe GH, HL, IK, KM
"M | ordine ®quemulsiplices ipfa.’
* | rumAC, CB, DF, FE. item -~
LN; MO zquemulriplicesip- =
¢ g | faram CB,FE. Tota GL toti~ -
us AB s tam multiplex eft,
. K ..quam uha GH unius ACyb id
E | etquamIK ipfius DF ;¢ hoc
! eft quam tota IM totius DE:
1| Trem HN (HL ~ LN) ipfius : h
: ‘ ‘CB 4 Zquemulcdiplex :¢fk 5 gag. :
t
]
D

n o

ve
conflr
L $

2t KO(KM—~+MO)ipfigs .~ - t

© ''RB. Quum igitur per hyp.
4{AB,BC :ﬁ%'ﬁ-’ ﬁ?. Pﬁ
1GLET =, HN, etiam 6-

G 4 mxlucr

~




lo4 * EVCLIDIS Elementorum ,

64t militereeritIM -,':l KO.aufer hincinde
£g.08 zquales HL , KM: ‘fi feliqua GH ) =, =3
g“tf 'S LN,! erit fimiliter IK 5 —; "2 MO. g unde ,
AC. CB :: DF. FE. Q.E.D.
Propy XVIIL :
F  Si divife magnitudines fi [‘ nt propartio:
1 nalesCABBC :: XE EF,) he quogne
£ j 1 Giomspbfie prapormnalé: emnt (AC.
* CB: .J
i iE Nan’?fﬁenpo: et , fit AB.

3. DF.FG *J FE. P ergo erit d.lcv‘B
p:, am. l ‘AB.BC :: DG GF hoceft D
$ . GF:; DE EF. ergo cim DG:"D.E,
™ cerit GF r—E l’g A, -Simile
u, B ab(urdum feg!uctnr,ﬁ dicatur AB. CB DE.GF
1.':"
‘ Pr o .2 XIX, ,
R . si qumadmdm e 1
A B - tums AB ad totum DE,

J E ' E ite oblatum AC[ths
D evercfm—bueyit ad “ablatum D F
& reliquum CB ad ralxgqnn l-'E » Kt robm AB
totum DE, fe hebepit. J
o Q_xon;amlAB DE:: AC. BF, b erit pét
mutando AB.AC: DE DF ergo divifim
E‘;' & AC C :'DF. EE. quare rarfusé permutando -
;t CB.FE;d hoc elt Q%DE ; CB.FE.
N
coroll )
H{gc » § fimilia proporponaha ﬁgmllbus

Proporqonahhus fubduc?nmquﬁdua e;unt pio;

Poruonal‘a.
2. Hmc demonfirabitgr tonmrﬁ rqt /a
& nE Nams rmn AB.DE 1 {CB. FEber
E"’ " _50 AB,DE lmAC "iiemm permutan” |
OaAB A(J..DE.D,FJ& -D- pROP' ’

Sxt AB CB u FE DICO AC DE !



" Liber V. . : 10§
Rrop XX _ ’
; Si fint tres magnitudines ,B,C;
® dlie D, E,F ipfis equales un-

|, mero, gie bine o in.cadem ratio-
\ 1 nefuantuy (A.B::D. E, arque

i

- | B.C::EF ;) ex aquo sutem
| #rita A major fuerit, quam sertia

i | 4] Csenit & quaria D major quam

40§ ifexea B, Quod f prima j tersie

BCDEF ¢ fueris equalis; erit & quaria
_ D Agualis jexta F. Shille niinery

P bee cinguemingr evie, ' -

B Si A o C. quoniam AE.F:: B.C.amy.

beit 2 € e A5
mefeF.E i C.B. ¢Sed. S-mgdergober4s

ot o i e S ———, Sete——t
g

Ly p 8.5
. ] -J'i" y;’.i, . ergoD —F QED ?j;‘:"i“ [A
By Simik aronme =3C, often-
: dm‘p)’% ngxih argumento > i A "3C, often f
3: Byp, Si A==C. quoniam F.E::C.B:u: giis &
/A.B ], EgeritD gl_l.i Q.E D. . gi
PRor XKL
-8t fint tyes magnitudines A,B,C;
. “dralie D,EF ipfis equales nu.
-4jera  que bine & in eadems yqriane
kmantur , fueritque perturbaia eo-
rum progortio , ( A.B:: E.F. at-
,\ queB.C::D.E;) ex equo ax-
I 3 tem prima A guam sertia C major
YU 4L fuerit s evit & quarta D quam fexta
ABCDE i Fmajor. Quod fiprima fueriz ier-
tie equalis ; erit O guarta equqlis
Jeste: fin ills minor , bac queque minor evit.
¢ LHpACC. Quontam s D. E:: B.C, 2 %,

. . . A
‘tertendo eric E.D 3: C.B. atqui %5"3 e bhg

s £TZO

.




106 EVCLIDIS Elementorum |

JM" 5. eergo B"‘l_\i, hoc e&E ‘ergoDl:‘F
of

. E. D.

2. Hyp. Similiter, fi A‘JC, erit D=F.
875 3. Hyp. Si A=C. quoniamE,De:: C.B
o 3 GA.B fE.F sentD—'F Q.E, D.

r RoPr XXII
manisr (A.B :: D.E. &B.

] } s:ﬁntqumunquamgmm-

H ! _Ic :E. F; wali
NDE F)o'extq i
HK

dines A, B, C 5 & alie ipfie
equales sumero D,E F, qae

L
F Otate in cadem ratione erunt
M (AC:D.E) .,
’ Accxpe G, Hipfarum A,
D; &1, KipfarumB, E 5
item L, M ipfaram E, F &
d1 % ‘1| quemuldiplices. -

: meam sA.B:: B.E
bes. berit G, [:: H. K. codem
modo, eritT. L :: K. M, er-

. ' k go. a6 C‘:-—-,_: Lycerit
Sous. _ - Hom==3"0M;4%rgo AL
‘ ' : D.F. Eo@mpa&oﬁul-
terius Co-N:: F.O, ent ex

zquali AN = D 0. (LEQ

3

bine & -in eadems vatione fi- -
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PrRopPr XXIIL )
' . Sifint tves magnitudines A,B,C, .
l. alieque.Dy E, B ipffs- aquales nu- -
] o Mero, que bine .in ealem patione
Jumanturs fuerit ausem periurbata
‘ earumproportio. (A.B i E. F. &
gt B-C::D. E.)etiam ex equdlitate
Lag neadem yasione evant.
i Sume G,H,I, ipfarum A,B,D;
.itemK, L, Mipfarum C, E, F
\ ®quemultiplices, erit G.He:: -
A Bb::E.F 4 LM pgrroquia ais.s.” 2
4B. C:i: D.Eeritc HKuLL. bty °
I érgo G,H,K ; & I,L,M- habent © #$-
|

fe joxta 21, 5. quare i G,
=,"3K, eric imititerl—>==,"2
M. dproinde A.C;:D.F. QE.D. g 6 4 ¢.
Bodem modo i1 plures fuerint
magaicadinibus tribus , &c.
coroll, )
Ex*his fequitur,rationes ex iifdem rationibus * » 2
. Compoficas eile’ inter fe eafdem. item ; carna- @ so.df 1
dem rationum eafdemn partesinter fe eafdem effe.
-+ Pro p XXIV. _ .ot
( A——epeey . SiprimaAB d fe-
C——— B G cundamC. eandem habue-
Mt e Fit rarionem quam tertia
I"ﬁ.,. E H DEad quartam's ; habues
"t autem & quinta BG ad fecundam C eandems
Yationem , quam fexta EH ad quartam ¥ ; etiam
smpofita prima cum quinta @AG) ad fecundam C 7 -
eandem habebit rationens , quam tertiacum [exta
(DH) ad quaréam F. L aby
Nani quia s AB. C:: DE. F. atque ex hyp. bas.¢-
& inverfe C, BG :: F. EH, erit b ex zquali AB,
BG :: DE. EH. ergo componendo AG. s
t. BG:;UH.EH. ¢iemBG.C :: EH. F. bergo ° ¥*
rurfusex zquo, AG. C :: DH. K Q"‘El; E.o 5
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208 EV CLI-DI'S Elementorsm

AN PR OP. fXX'V- 1.
'Si Juatuor shagnitidines ploportio. |’
B, weles ;;m'm ( gB."Cu sib R
1. maxims AR o mirtima 'F reliquis
. ' UD\oE:migjoreserunt.. Lo
ﬁv ' Fiant A-G==E; &« CH=F.
sty I -Quoniam AB. 'C'De: B F b
b7.% T1d] AGCH. ¢ eric AB.CD:: GB. |
:?;," - J 11| HD. dfed AB == CD. eetpp - |
efbd. 149 11| GBC-HD.uitquiAG—~+F=E=+, [
ACH F CH.ergo AG+F + G B B+
' ‘CH~+BD,hocelt AB + FCTE~+
TD. Q.E.D. o
' Que fequuntur propdfitiones non furit Bu-
elidis fej ex aliis defumptz, ob frequertémtea-
sum ufbm Euclideis fubjungj, folent. ;
~ Pror XXVI . |
"A————uC i prima ad fecun- |
B: w= Deseee * dum babuerit magorem
. . 2 : proportionem s quam
tersia ad quartam; habebir convertendo, fecunda ad
: primamminorem propotsionem , quam quarta b
¢ sertiam. - . ) |
. i d
S’f% L—‘E. Dico ;E "C—g_Nam coneipe

__E A By
=3, *ergo 3oy Pquarc ACTE. cerge

. B D
| E o vel a'g?E‘ D.

f
Cwlg U110

8¢
'ﬂ‘.‘,

P¥or XXVIIL

'

A i i prime d fethn-
B Deeee  dum habuerit trijorem
B ... Propotsioncss quain T

¥ia ad quartam; habebit guoque iciflins prima 48
¥erciam majorem propoysienem, quam fecwrtie od
quartam, , ' Sit

- . ——‘




Laper -V, 109
A _C.. A B
S‘{r.'i;l:‘—ﬂ_. Dico r {_—'.ﬁ Nam pucz'f_;-‘l R
" A E B :
. tATRbag sg, cvely @ E.D. 1P
) ProP XXVEIIIL ‘ c16.5.

Mﬁ*“?‘;« |

_Siprima od Jesundam habueriz mfé@.}ro}nr-
L Ry guam tertig ad quarsam 3 (habebit .queque.
v Somofitd prime cums fecunda ad fecimdam. majoreas

b ':{9?"""_'&3 quaum compefitasersia cuom quaria ad,
¢ Gharia, .
. AR
Sit St—DEgyy: A€ DE- .
; Be~ gp M0 Tm="  Nam  cogita
. Ga_pg S BCT EF : :

-’

By ¢S ABC GB. adde utrinque BG, 410, 5,

PBACCTGC, ¢ ergo AS—SF7d o et 2T by 20
X i go —_ -_.‘ oc e t‘.
" QED. BC." Be G i
. ProP XXIX.

S compofite prima. scum Jecinde ad fRundam
newembabueais, propariioness ; haussompofiss:
"Mt cum quarta ad quartams babebis quoque divia

nda:primg, ad,_fecumdiom smajorem proportionens
s sersiaad quarsam. .

Sit, A22=0% “ pico. AB o DE-, i
o L, g T B Dic 'WCP P Intellige

£ o
B R g0 AC T GCy. auf;'gt commugne: ., o
| DE %

C b o ; AB__CB
| MericABE—GR, o pigoiRc 02 4 vl DR E S

o.tEg'Q- Lo PROR. -
L . -




3110 Lol Uy Eremeniorum
PRoP XXX .
. B Si gompofitapri-
A “veenel -C  macim jt{u{x’day:'d
D——ejeisniF  fecundam babueric
E - “majorem propersto-
: - nem guam compofi-
ta tertin “cums quarta ad quartam j babebit, per

converfiomem tationis, primacum [ecndaadpri- |}
mam minovens yationews , quam Seréia Cim qkartd

ad sersiam. .

! . AC___DF . AC DF i-

_Sit = — - - uta- R
. o Sit g &gy, Dico 5 Dpge  Nam qu

ACs_DF , . .. AB__DE N
aly. A ) P e ver |,
bf{; . BC —yg, Cede dividendo $eC g, coom ;

€16 §. .. BC, EF )
85 tendo igitar STy l‘j ergo “cgmponendo

B s e

AC_..DF
is “pp QED -
Pror XXXI -

A ——— Si fint syes magnie
B———scecn Emeeee - tudines A,B>C. -
Covme Fee ' alie ipfr eguals |
G—— c ’ numero D, E, F; )
H —am [Peque major propor- |

tio prime prisvum ad fecundam » quam prime pofie-
riorum ad fecandam S 1? isem fecunde pric
orums ad tertiam majoy , qup; fecunda pofterioram
ad tertiam (B —E Y opj wqualitase.
e mion (22} i g
major preporsio prime priorum ad tertigm 5 quam .
. . » D .
- prime pofleriorum ad tertiam ( -3(':‘}1-) .
. . G__E : A_A
M :f; Concipe c :‘_‘E aergo E—G. bergo E:" 5
doo ¢ ‘H_D H A ! :
rus - er ~ rtis
o8 g, Rurfu putaG E" ergo-a‘:xi é ergo fo
BH_A, — . o A B jg
&G qudre A I‘I.' proigde 2T g F.
- Q. E.D . P RO
e et eteenesnnnglll



» « Iz

4

Pror XXXIIL )
A—ee D« fnt tves magnitye
e dines A,B.C 5e§-':lio
Co— . . . ;)ﬁ: «guales D, E, F; -
G rque major propowsio |
prime priorum ad fo-
mdamx aw fecunde pofferBrum ad tertiams
A_E

F,/ item fecunde priovum ad seytiam ma-
jot quawm prime pofleriorum ad ﬁcnudim(g. rg)

He.......

"""!"ztwnqulitm major proportio prime pri-
Y orHm ad tey,

@

o tisqham brime pofieviorum ad tertiam
(a?;)

Hu]'uffe demonfiratio Plane fimilis eft de-
moattration; Pracedentis. .

Pror XXXIIL o
B Si fuerit major proportie
A"'-'“l%x totiusAB «d totum CD,
C—jp-p guam ablati AE ad able-
F ~ #amCF ; ervit & religni
EBad religuam FD ma-

i"'P'O)mio, guam sotius AB adtotam CD.

. op—CD
LS G

9
. ABs' AR .
o — — ehp,
Quoniam &D S ¢, b erit permutando g

1))

.

‘ = e €30 §e
CF. © ¢80 per converfionem rationis

s ABs P

= : . . AB._EB
&:{: permutando igitur c"n-_jfn .

PROP
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EVOCLIDIS Biementorum

v

N R'Ror XXXIV

‘

Avtio e m s S e quot-
C s T ‘ tudines, & 4-

B: . . cuhgue yaghi-
G " Hiaae lie - ipfis- th-"/

lesmamers . Siequetmtjor propovtio prima priovins’

ad primam pofteriorum, quam fecunde ad fechndansy
o~ hacmifor qudi versié ad tersiat; & ffe dein
ceps 3 habbbuns omnes prioves femni.adommespofle
vidres filand , majorens proportionein’y quar omies
privees, velitka primas, advmmes pofevioses, relidts’
quoqRepRiTne; mingrenyRICENsgRdm Priwid pricrim™
ad primam pofteviorum 5 majorenms denigne‘eriam};
quam uitima priovurs ad wltimam pofleviorid.
Horgm :demonlrasio’ eft peres “inttPrésess quns
adeat, qui eam defrderas. nos onifnds ; -brevindir’
fudio s’ & quiailiorum anllus ufusin his chemens |'
sis. ' : '
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LIB, VI .
. Definisiopes. o
¢ S ,
. |
¢ L papavanr o e .
3 L YA miles figure " retilinéz . fant
e : (ABC,_'D_CE,)’qqz‘&’an-
. AW gulos fingulos fingulis @qusles. s
f3 habent; atque etiam latera, quz
¥ T circum angulos 2quales 5 pro-

N portionalia.
s e B=DCE4AB. BC:DC.CE
. d;;l::x.l&:D; atque BA. AC :: CD. DE.
“n - Y
CE. F-Dg,' ACB—E. aigne BC \C!A o

..
~

11. Reciproes  gu-

tem funt (B D, BE,)

Heum in uwaque figura

antecedentes , & gonfe~

G quentes rationum ter-

mini fuerint. (hoe efty
AB.BG :: EB.BC.)

~Ip ‘
Ah_fﬁ_E.___B(d“I I1. Sequn-

m extreEmam e
- N & mediam ratip- -
. T re®alinea A B-fefta effe dicitur, cum ut
| tota AB ad majus fegmentum AC,ita majus fe-
%"‘Mum A Cadminus C B fe habuerit. (A B.
C:Ac.CB) : .
: " H 1' V. Aki-
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& 0.4 4,
b,

cfeh.38 0,
f&}:;«
XS
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EVCLIDIS Elementorum
A e

" IV. Ahitudo cujufgue f-
ﬁura: ABC elt linea perpen-
icularis A D , 4vertice:A
B Cad bafim B C dedudla.

- V. Ratio ex rationibus componi dicitur , cum
rationum quagtitates inter fe multiplicat® »-ali-
quam effecerine rationem.

-V vatio A ad C , componitar es ratipnibis A

' Be__ Ab_AB

- . o A
“.dBaé"BadC._n@m-kifé_—-c-—i-&

= . Pror L o
. . s Triangle ABC,
. > A F " ACD, g('r parallel-
’ gramma BCAE,
CDFA, quoxam e~ -
dem fuerit altitado s
ita fehabens gnter fo,
H G B CD YabyesBC,CD.
‘s Accipe quotvis BG, HG, ipfi BC 2quales; .
item DI-=CD. & connefte AG;AH, AL "
b Triangula ACB; ABG,AGH aquanturihl-
temtriang. ACD — ADL ergo rriangulum
ACH tam multiplex eft trianguli ACB, quamt
bafis HCbafis B C. & zquemuiltiplex efttr-
ang. ACI trianguli ACP; ac bafis CI bafis CD. .
cum igitur fi HC ©—y—, T2 CI, ¢ erit fimiliter
triang. AHC —, =, "D ACI, dideoque BC,
81) s triang. ABC. A CD:iepgr. CE.CF.

. \ .

o ' . St'bo['ﬁ:




Liber V1. 11§

Schol,
g AD - 1{\ .
o Bu C IKE T MF

Hinc, trianguls A BC»> D EF , & parallelo-
iramma AGBC, D EF H, quorum aquales funt
- bafes BC, EF, itafe habent ut altitudines ALDK.
aSume]L — CB ; & KM= EF 3 ac junge a3 1.
LA,LG,MD, MH. kiquet effe triang: ABC. 27-§-..
DEF:bALLDKM:c ALDK:'d pgr. dg.1&
AGBC.DEFH. Q. E.D. 15 5.

P'Ax opr IIL

A Siad unum trianguti ABC
latus B C, parallela dulla fuerit
reta quedam lineg DE 5 hec
proportivnaliter - fecabit ipfius’
stianguli latera (AD. BD
AE.EC.) Bt [f trianguli la-
Etera proportionaliter fefa fuea

A rint (AD. BD:: AE. EC)
. fI;m't i lgu ad feitiones D, E-Bdjundla:
a linea

4 E, erit ad reliquim ipfias trian-
gl latus BC parallela. Ducantut CD, BE. |
LHyp. Quia triang. DEBe— DEC ; berit 559,10,
. Uang ADE. DBE:ADE. ECD. atqui *%:5
- .tang. ADE. DBE¢::AD, DB. & triang. ¢,
ADE.DEC,:: AE. EC. dergoAD. DB dit. 5.
ALEC," - :

2 Hyp, QuiaAD. DB :: AE. EC. ehoc 6.
;ﬂ_max}g.:ADE. DBE ;: ADE. ECD;
1.eﬂt triang. DBE — ECD. gergo DE,B C_f9’- f-';
mtparaflele. Q.E. D.. o R
U ’ Ha2 . Schols

. - . +

e ————————

[
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T

sF.
v
s

aad

87

v B :
“que aqualibus angutis ACB, Es&c. fubsondsnmur. . |

EVCLIDIS Elementorum
' Schol. . ,

Imo ,_ G plures ad unum trianguli latus paral~
Yelz duttz fuerioternnt ompia f[aterum fegmen-
ta proportipnalia, ut facile deducirur ex hac.

Pror IIL :

i trianguli BAC anguln
BAC bifaviam felbus fir, fe
cans autem angulum reita b=
nea A D fecuerit ¢ bafims
baffs fegmensa eandem habe-
bunt vationem quans teliqus

D Cit AB.AC.) Et ff bafis Jegmenta eandems

. babeans vationem quam veliqua ipfias trign%ali late-
Dqes -

va (BD.DC:vAB. AC.) relta linee

3 vertice A ad feltionem D ducirur , bifaviam fitat
trianguli ipfius angulam BAC. oo

Produc BA ; & fac AE==AC. & jungeCE.

1. Byp. Quoniam AE == AC, erit ang. ACE

-4 =B Bs=1BACc=DAC. dergo DA, CE

paraliel= fant e quareBA. AE(AC)::BD-

DC. QED:
2. Hyp. QuoniamB A. AC. (AE)uBD.

DC.ferunt DA, CE parallele ¢ gergo ang

" BAD=E; & ang DACS=ACEh=—<E. L er-

AC. Q.E.D.
.0 Pror IV. B
- Bguiangnlovsnn - triangh-
lorym ABC., D C E-pre-
Dy . . Povtiondlia.fins lateva , que
Circum equales angulos B >
. DPTE (AB.BC:DC
N - NC B, &) o bomologk
’ Q . E'MWMAIB,VDCQ&C.

angpgAD = DAC. bifefus igitur ek ang:

Statue

G ipfius trianguli latera (BD-

e p—
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Statue fatus B C in dire®um lateri € E, &
Produc B A, ac ED donec & oecurrant. S
yontam ang. Bb — ECD, ¢ funt B F, C D yp 0™
Parliete, Item quia ang BCA b — CED,¢funt ©:8 1.
CA; EF parallelee. Figaraigitur CAF Deeft
Efalklogrgmma. dergo AF = C D;d&ACdyqu
=¥ D. Liquet igituf A B. A F (Cv)e::BC, **6&
CE. fpetmutando igitur AB. BC:: CD. CE. f16.5,
‘emBC.CE::FD.(A C) D E.fergo per-
Tutands BC. AC :: CE. DE. quate etiam g ex
*AB.AC::CD, DE.ergo, &c. . ; &%
. CCoroll. :
HiscAB.DC :;3C. CE = AC. DE.
. - Schol. - . e
: -P:lg.ﬂ:lﬁr triangulo FBE ducatur uni lateriFE
o fpg 2ACs erit triangulum ARC fimile coti

PrROP V.

Si dug triangu-
laABC,DEF
latera proportiong-
X .F'zmhalg.ft (AB.
BC:DEEF.
_ & AC. BC
- ) E. EF. #tem
B : CG AB.AC::DE
DF) equiangula erunt trianguld, &~ aquales habe-
bunt eos angulos fub quibus homologa Yatera fubsen-

ur. :

, Adlatus EF s fac ang. FEG=8;e&ang. as.s
G= C, b quare etiam ang. G — A. ergo :;1&1. ’
* GE.EF¢::AB.BC :dDE. EF. eergo il
GE=DE. IiemGF FEc::AC. CBd:; a-;.:.
DF. FE. pergo GF = DF. Tiiangula igitur ig’y"
DEF, GEF fibi mutuo wquilatera funt, F el’io .
3. D=x G== A. f & ang. FED==FEG=5.
¥ protnde & ang, DFE = C. ergo, &«
H3

PrROP.
h‘ . i

35. 0




I

-

* AB.BCe:: DE.EF.dergo DE = GE. atqui
ang. DEFe—=Bf==GEF, g ergo ang. D

‘equales habebunt eos avgulos circum quos proportios
 malia funt laters.:

EVCLIDIS 'Elemmorum

Pror VL
83 duo tyians

DN gus ABC,
D E F wnum an-
gulum B wni an-
E l:.gulo ‘DEF e
' gaalem ;& cir-
| ¢hm equdles an-

B CGY , . gusB, DEF
Lateva proportionalia habnerint (AB. BC:: DE,
EF; ) equiangula evunt triangnla ABC, DEF;
equalefque babebunt angulos , fub quibus homologa
latera fubsenduntur. . ,

- Adlatus EF fat ang. FEG=—B,& ang-EFG
==C.sunde & ang. G==A. etgo GE. EFb:;

A

=G = A. bproinde etiam ang. EFD=C.
' Pror VIL C

' Si duo’ triangule
b A - D ABC, DEF umm
’ angulum A uni angh-
lo D equalem 5 cirea
antem alios angwlss
A B C, Elaterapro- |
CE portionalia - habeans

(AB.BC :: D E:_EF;) religuorim autem fi-

wul utvuniie C, F ant minorem’ ant non minovem
reilo, equiangula erunt tviangula ABC, DEF, ¢~

- Nam 6 fieri potett , fit ang. ABCt—E. fac

]

* beritetiam ang. AGB —F. ergo AB. BG ¢

DE. E¥ :: AB. BC. ecrgo BG = BC. f erg0
ang. BGC=BCG. ¢ eéo ang. BGC. vlC
. . ,miqor.

—ta

gitur ang. ABG = E; ergo cum ang.Ae=D>
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minot Fﬁ reo; g proinde ang. AGB ; vel ¥ re. geenisens :
&omijor eft. ergo anguli C & F non funt e. O

- Juldem fpeciei, contra Hyp- ‘

B -Propr VIIL
. . Siin tridngulo yo-
¥ A Hangulo ABC ; gb an-
] : iulo rello BAC in
afin B C perpendicu~ : ;
laris AD dullazeft s o
que ad }',fzmdiculd-
i rem triangila A DB,
8 . P C ADC, tﬁm tovi trian- .

_ gulo ABC, tum ipfainter fe,fimilia funt... .. .
g Nag angBACs—BDAs=CDA:& Ty %
»  MgBADL—=C.&CAD b =B. ergoper bis. 1 ;
. PG &rdefs. ‘ . i

ot s =,

' . Coroll. - Ca k
: Hincr. BD.DA¢:: DA.DC. .~ -¥ c1.dif6.
2. BC.AC :"AC.DC. &CB.
BA::BA. BD, O
PR oP -IX
. oA data vefta
_ linea A B im- !
peratam pavtem
;_ (A G)auferre.

Ex A duc
infinitam A C
utcungs;,in qua
s fume tres sagr. |}
AD,DEEF

N - . ®mquales 1 l‘“"

i e, junpe F- 1ex ¢ parallelam s

* DG Dic ]faéuxE.B,cm Py SR

Nam GB. AGe:: FD. AD: ergo atom- cx6;

-+ -Ponendo AB. AG :: AF. AD.ergo cum AD=¢ '
i AFeit AG=1:AB, Q.E.F,
o I He

bl

p PROP
.‘.. ' ’. ’ E ’



320 EVCLIDLS Elementorum j
' Pror % T
C ’ Datawi reltam lineaw

A B infeftam fimiliter
fecare {in F, G,) st

Y data altera AC, feftag, |
' fuerit(inD; E.) ,

Extremitates f
B,

=4

) infelz jungat re
asur,. B C. Huic éx pundtis E, D ¢ duc parallelas .
‘B G, D ¥Fre@z fecand® occurrentes inG, &
F. Dico faltum.

b6 "« Dticatur epim DH parall. A B. Eftque AD.

cs4r.& DEb:AF.FQ, &DE.ECH;: DL IHes
y-5 . ,Go GBI Q:’!o F- . o ' ,

Sclyolihm._

rr

, . Hincdiftimus vettam datam A B iy quatvise:
guales partes' (puta 5.) fecare. id quod faciliys
. praftabitur fic; N
. Ducinfinitam AD,eique parallelam BH etiam
dnfinitam. Ex his cape partes zquales AR, RS
$V, VN; & BZ, ZX, XT, TL; in fingulis uoa
. , D pau-
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pauciores , quam defiderentur in AB; tum re@te
ducantur LR, T$,XV, ZN.. hz quinquife-
cabuntdatam A B. :

NamRL,ST,V X, N Z s parallelx fant. , ., -
e0qumAR,R S, SV, V N ®quales fint, beonr.
cent AM, MO, OP, PQ_zquales. Similiter ¢*6-
quiaBZ=ZX, erit BQ== QP. ergo A B quin-
quifeffaet, Q. E. F.

2ropr XL

Datis duabus .
D : reftislineis A B, °
AD tertiam
. A mpr;iomlmg
C D Binvenire.,
unge BD,
&ex ABprotralta fume B C=— ADg per C
duc CE parall. BD. cui occurrac A D pro-
duflain E. Erit D E expetita. :
Nan AB.¢BG. (ADj :: AD. DE. Q.E.F. a1.6.

vd ﬁc,ﬁc-ang.'A B C re&um, ]
& ang. ACD etiam reltum, .. .
Tberit AB,BC::BC.BD. . il

Pror




Tzl.wzﬁ"—'— EVCLIDIS Elementoram

P rRor XIIL

\

A

: < —EF

o)

S~

NI

-~ F

D =

ribus datis yeBis lineis D Eo E-F -Gy ghar-
_gam proporsionalem GH invenire.

" Conneftatur E G. per Fduc F H parall. E Gs

~ cuioccurrat DG produda ad H. liquet effe
216 DE.EFs:: DG. GH. Q.E. F,

© D Ydita CD=CBBDat .

) A@E Jpta circdlo. Circino fome A3

e , Erit ABy BE= CBxBD.pqu#
&6 C - eAB CB::BD. BE. :

P rRopr XIIL
$ } Diabus datis 1¢

F  &islinis AE EBy
mediqgn  proporit- -
nalem B F adime

‘nire.
o d EB Super tota A B
‘diametto defcribe femicirculum AF B. ExE
erige p‘erpendicu]atem EF occurrentem Per
phetizin F. Dicc AE. EF x EF. EB. Du-

2419, -canturenim AF, & FB. Ex triangulis xe&ﬂ;:
gu 1

NI R——- |
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gliAFB refto angulo dedu&a eft F Ebafi

123

peQrpEen;lic_xﬂaris j-bergo AE. FE+FE EB. ber8.6

- éoroll.

Hinc, lineare®a, qua in circulo a quovis -
pundto diametri , ipii Eiamctro perpendicularis

dtur ad circumferentiam ufque;media eft pro-
portionalis intér duo diametri fegmenta.

Proer XIV.

QG bentium angulum
parallelogrammorum

F funt lasera que cir-

C Equalivm 5 & -
H unum A B C ani .
. EBG equalem ha~ -

BD, BEF, reciproce

cum equales angu--

v bt (AB.BG::EB.BC:) Et quorum paral-
- lagrammoremB D , B F, unam angulum AB C
: WmangwloEB G equalems habentium , reciproca

funt laterq
equaliq, _ .
Namlatera A B, B G circa 2quales. angulos -

qus circum equales angulos yilla f;m

4030t unam reftam: ¢ quare E B,B C- etiani in ag. 15,0

etum jacebunt, Producantur FG, DC; do-

. Becoccurrant. -

1Hyp. AB. BG b:: BD. BH c:: BF.BH 4:: B )1-5

- BL. eergo, &¢. di.6.
%.Hyp. BD.BHf:: AB. BG g :: BE.BCh1: £S5
+BH, kergo Pgr. BD = BF. Q_E,D. gbr.

. . & (.69




124 EVCLIDIS Elementoram |

.- PROP XV :
A : Equatiam , & wnim
ABC, i DBE#
qualems habentinm engv |
dum tfimgulbrnmABC; ;
D B E:, reciproca funt
Cc £ laters, que civcum &
- quales angles (AB. %
BE:: DB.BC): &t quornm sriangslorsm ABG .
< D BE, unuws angniam A B C ani D B E eqnaiem ;
babentism reciproca funt latera , que circum equs }
les angulos (AB. BE 2 DB.BC.) illa funi |

¢qualia. .

Latera C-B, B D circa zqudles angulos, fiz-
afib.agv, tdantur fibiin direftumi 5 « ecgo A B Eeft teta
:7': ,‘,j'  linea. ducatur C E. |
die. = T.Hypy AB.BEb: triang. ABC. CBE
fod en triang. DBE, CBE. d:: DB. BC. ¢ erg0 &
Sh» 2. Hyp. Triang. ABC. CBEf:: AB. BEs:
H e 5 DB. BCb :: triang. DBE. CBE. k ergo triang:

"6 95- ABC—=DBE. Q:E.D. .
PrRor XVL

G‘I;

l o . :
Q1'g0_ < , ;
- ‘ » . i
, AFEC ‘ B E o F
. Si quatuor velte linee proportionales fu it
' (AB.FGuEF.CB,) guodfub exsromis AB: -
CB comprebenditur refbangulum AC sequsle efidh
: quod [ub mediis EF, F G comprebendithr 5 refban
gxio B G. Et ff fub extremis comprebenfunt refban -
gulum A C equale fuerit ¢i , quod. fub mediis com-
prebenditur rectangulo E Gille quasuor refhe lintd
Proporsianales erunt (AB. ¥G 11 EF. CB.)
. . 1. Hyp. .

-~



T Liber VI Y

L Hyp. Anguli B & F re@i , acaproinde ass.ex.
opaces (unt 5 atque ex hyp. AB. FG: EER.'CB.
jbesgoreflang. AC = EG. Q. E.D. bre6
r_ L.Hp. cReftangtAC—EG ; atque ang. ¢ ;",'_
§B=Fdeago AB.FG:: EF.CB. Q E.D. d1isé
L Coroli. . :

Hincad datam re@am lineam A B facile et

2 datum re@angalum E G applicare ; efaciendo ens, 6.
FAB' EF & FG.EC. ‘

! PrRo# XVIL :
=T
- F '

{ fe—— G DE . C '

l ' C"'-—-B

n
5 tres sefte linea fine propartienales (AB.

A EF:E E.CB,) quogﬁdbﬁzeﬁs AR, CR
{ @tirehengiyyy veftangulum A Cyequale eft vi

wodé medig B deferibitar ; guadrass B G. Bt
Ffbextremis A B, C B comprahenfin reBangu-
hmac, equale fit ei 5 quod d media BF deferi-
{ bitwr, qeadrato B G, ille tnes relia lince froportio-

Nales eyyms (AB.EF:: EF. CB.)
» AcipeFG— EF. .
[ LEp. AB.EFs:EF (FG.)CB. ergo asy.
: Reflang. /C b= EG e = EFq. Q.E-D. b s,
o Bp. Reftang, A C 4 == quade. EG== 3oy,
Efq.eergo AB.EF :: FG(EE.) BC. . 166
7 ) " coroll. ’
© %AB=Cqero A €68 -
£ s“; "3 C‘i oz A e Pror.

o e
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EVCLIDIS Elementorum
" PRrRoOP XVIIL

A B C D.

a6,

A data yella lines AB dato veifitineo CEFD
fimile fmiliterque pofieuns veitilinesm AGHB de-
Jeribere, .

Datum redtilinenm refolve in tiiangula. ¢
fac apg. ABH=—= D; 4 &ang. BAH—=DCFi
a&ang. AHG-—CFE;e&ang HAG=

- FCE. Redlilineum AGHB cft quafitum.

Nam ang.Bb—D. & ang- BAH6==]CF. |
¢ quaré ang. AHB == CFD ; b jtem ang, HAG

= FCE,b & ang. AHG = CFE.¢ quare ag:
G=E; & totus ang.GAB ¢ — ECD; & totus
GHBY == EFD. Polygona igitur fibi mutts
2quiangula funt. Porroob trigona zquiangi

S

la, AB.BHe:: CD, DF. & AG. GH.e:: CE."
“EF.item AG. AH. . ;: CE.CF. & AH. ABe:: s
CF. CD. funde ex .zquo AG.AB:: CE. CD.

¢odem mode GH HB :: EF. ED. ¢ ergo polyg”

na ABHG , CDFE fimiNa fimiliterque poht?
exiftunt. Q.E.F. . . '

PrRor XIX
' Similia triav

EF fam in

mologorim B

/ _%uld ABGC

diplicats 1ot~
ane lateram bo-

B &G GE FEF . :
“Fiat 3C.EF ; EF. BG. & ducatar AG
. TR e RS ST Quis

;~
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QuiaAB.DEb:; BC.EF c:: EF. BG.& ang. beers. 6
B=F; dericiang. ABG=DE F. veram 5
uing ABC.ABG ¢:BC.BG; & riiart,
;—;l—:fbis ; ego trimg.f}——gghoc eﬁ%‘i"g:g = gl
srbis QED.

. Coroll.

Hiac, fitres linez B C, EF , B G proportio-,
nales fuerine ; ut eft prima ad tertiam ; ita eft tri-
angulum fuper primam B C defcriptum ad ui-
angulom fuper fecundam EF Gimile fimiliterque.

efcriptam, vel ita eft triangulum {uper fecun~
. dam EF deferiptum ad triangulum fuper tertiam
fimile fimiliterque defetiptam. ‘

Prowvr XX.

Similia polygone ABCDE , FGHIK in fimilia
; mogls ABC,FGH; #ACD,FHI; ¢
: ADE ; FIK dividuntur s &b numero equalia , ©*
" bomologq totis. (ABC. FGH 1t ABCDE.
* FGHIK: A CD. F HI:; ADE. FIK.). E¢

* Mhgma ABCDE 5 FGHIK duplicatam haben®
. “Minter ferationens , quam datus homologum B C.
! ®bomologum larus G H. v

. : , 1. Nam

A—

e —————



- 128 - EVCLIDIS Elewmentorum |
shp. . 1.Namang. BA==G; & AB.BC«::FG.
bé.¢. G H. b ergo tiangula ABC, FGH 2quiangula
funt. eodem modo, triangula A ED; F K 1 affi’
. milantur. cum igicur ang. BCA & ~=GHF; &
chyp. ang. ADEb— FIK ; totique aoguli BCD
d 3.ex, GHI ; acque toti CDE , HIK ¢ pares fint, dre-
) , maventang. ACD = TFHI; & ang ADC =
¢svt. " FIH; eunde eriam ang. CAD == HFL ergo '
triangula ACD, FHI fimilia fugt. ergo , &
2. Quoniam igitur eriangula BCA, G HF
fig 6. fimilia funt ;fcritg:—: -::.]Glfl bis. ob emdem |
: canfam $42 = £2 bis.denique triang. To3=
71 = g Dis.denique tang. gy
f:{; ¢ -,D—: bis. quarecum BC. GHg:: CD. Hlgx
:ﬁha 5. DB-IK, b erittriang. BCA.GRF:CAD.
515" H¥InDEA 1KFs kpolyg. ABCDE.

. . BC
FGHIK :: 2 bis.

i

coroll. IR

- 1, Hinc , fi fuerint tres linez relte propor- |
tionales; ut eft prima ad tertiam » ita edtpoly=
fonum fuper primam defceipcuh ad polygooum

uper fecundam fimile fimiliterque defcriptum.
velita erit polygonum fuper fecundam defcri-
ptum ad polygooum fuper tertiam fimile fimili-

terque defcriprum.. .

Unde elicitur methodus figuram quemvis refti-
linedm augendi vel minuendi in vatione data.- Ytﬁ
welis pentagoni, cujns latus C D,alind fucere quin-
tuplum. inter AB, & § AB inveni mediam propet- |

®iag  timalews. Super hac ¥ confirue pewiagenum [milk
dare. boc eviz quinsuplom dati.

"~ T1.Hinc etiam , figurarum fimilivm bowo-
Joga latera nota fuerint  etiam proportio figur>
um nnotefcet ; nempe inveniemdo tortiam pro-
portionalem. ' R . S

' PROP

4

Lo . -



IR

ATRCTTDPE TG W

1 H‘yp.%l';_’.‘d.._. :: bis = 'a"a_l; bis a == 'IG%'-. a19.6.
» d1goABL CDK :: EM. 6O. QE.D.
] N . - . iF
. wEp. o bis = s GRb= Goo= aw bWy
bu.e;go AB.CD :: EF. GH. Q.E.D. " duoras 8o
P . 1 gebol.

Libr VI. ~ . 1y,

Pror XXIL

A _CH ab
2e(ABC, D1E) eidem reBilincoHF G
funt finmilia, o inter fe funt fimilia.

X

Namang.An—_—‘Hs_—: D.&ang. Cs—= Gavafs
- s=EkangBs=—Fs ==L «item AB.AC::

HF. RGaDI1. DE.s&AC. CB:: HG.

GF:DEEL&AB.BC: HF.FG: DI

IE. sero A B C, D LE fimilia fuiit. Q.E.D.
PRrRoepr XXIIL ’

A Wtho

AL

Si quatuor velbe lines propovtionales fuering
{A, B.CDEF.GH) & fzreis're&ilima‘ fis
milie fmiliterqne deferipta proportionalia -evunt,
ABLCDK:: EM.G Q.) Et ffa retbis lineis
milia fmiliterque deftripta vefkilinea proportiond-

! la faerint (AB1,CDK :: EM.GO) ipfe etiam re-

Balinee proporrionales erunt.(AB.CD ::EF.GH.)




~/

" parmrg.  Sivefba lines AB fella ﬁu:cunqne Dy |

- dewrB6,

-130- - EVCL Inu‘ fltmmamm
. Sghol..

Hine dcdumur ‘¢ demonfiyatur ratio mulsipli.
candi quanmam Jurdas. ex-gs. Sit 4/ s naylti-
plicandus ip ( 3. dico provenire 4/ 15. Nan)cx ’
mulnplx;au is deﬁmt;on debet eife, 1. V 3
/' 5. produft. ergopnhaqc q I q V'3
9/ 5. 9. produ@. hoc eft. 1. 3 i du&
ergo q-produdt. eft 15. ggarev 15 eﬁ prot;u&us
e 1/ 3iny 5. QED

THEOR

&an uhm /y partibus A D, DB conreitum; of
; 4 |

mtf:rtn wrum guad)

i-e&gnguiug contentury fubtoga A B,

AD,vel DB, efim (:;;?’pr riiquale insQe qrs-

dmgm umg 1\3 ;F q.uz;l JI&S'V ,

A > V <l .
" Superdi m A B (kfcdu femicizenlan: |

‘ex D erige DE accusreptem M’F’ .

iz in E: junge AE, BE

semss, ~ Liquetede AD DEs::DE. DB. bep
bi¢*  ADg DBq:DEG DRy ohor ok, AD
17:6.  ADB:: ADE. an Q. E.D.
8  Paro,BA.AE4xAE AP ecrgouq-
.6 AAEq AEq. ADy. fhocek BAg. BAD

iy, AD. ADg. Eodem modo ABq.
ars )}313(3?32_2:: Dx effehq. AE 1A
- & el frc; v
' AL, 1 *Egneg..ez.gxwlﬂ-%

' Aq ;A-‘fqz nfT%’s..zs Lor

L . ¥ (
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PROP XXIIL

R Bauidngulz | paralie-
. logramma AC , CF jn-
G e fé vationem bebens
" tam gue_ex lateribas
componieur, (ACRG
camponfur ( o=
Latﬂa“agm =quales angulos 'c_-"r: iin di- o faig -
uantury & compleatur parallelogram.
mumCH, ) i ) .P ogram : .
. Riﬁo Acb""E-}. Ciie' . BE -+ DC: ln.olv[.p
- - T >
QED. & —¢a 'éi‘ [+ EI' e_l;‘ __
Coroll, :
+ Hine & ex 34. 1. patet primo; Triangula ) que Arir.Teeg

T

9‘ snam angulum (ad C) equalems babens > tationem 15.5-
# babereex rationibus vegbarum yAC ad CB , & LC

< W CF, equelem angulum consinencinm. - - -

# : L . Patet feeundo, "

" —— :Refbangulz ac* pro- w3 w
’ ‘ L inde o parallelo-
o o ‘gramma  quacKngue '
s A C S Bag';;'onm qinm:f ? Ie

T —— £ habere  compofiram

i o . ‘7;:' [ iex rationibus baffs .
Lo s ad bafrm 5 & alti-
o r L‘ ieudinis «d altitu= .
(O cL 0 Liter de toangulis

“ ratiocinaberis.

J P““"“'ﬁ;’ ‘a' Qamade o angulorim acparal- .
, Mot e vt ol ke
; h.’:‘h‘;&’*@wﬂ X& Z ; quorum bafes AC,
iv 29

- %Q

tudines wro Oy €F¢ Fiat Cho CFF: , 4 o

BQ ek, 20 G L
LN _ ) PPN PROP.

y
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P'R:0P. XXIVY
In omni parallelogrammo
ABCD, gue cira diame-
g trum * A C_ Juns parallels-
gramma E G, HF, & toti
o & inter fe funt fimilia. .
- C - Nam parallelogramma
E G, HF habent fingula ugum apgulum cum
Yoto communem.s ergo toti & fibi mutuo zqul*
e39.1. - angulafunt.sItemtam triangula ABC, A E L

my

* * 1HC, quam triangula ADC , AG!, TFCfunt |

bag o iuterfe zquiangula. -p ergo AE. El ++AB.BC

46" parque AE. Al::AB.AC;b& AL AG:AC

g AD. ¢ ex ®quali igitur, AE. AG :: AB. AD-

| 46 dergoPgra. EG, BD fimilia funt. eodem modo
HF, BD fimilia funt. ergo, &c.

PRoP XXV

B ., D

T . LM N O

Datovefbilines ABEDC fiile frmiliterquept

Jium P idemque alseri dato F equale, conflituere.

(4883 eFacreftang. AL'= ABEDC. b item fuptt
€6 , BL factriang. BM=TF. Inter A B, BH i

t

\ v'eni’n‘:ediam propertionalem N O. fuper N‘O :
Coemu N : o dac

el




. Libﬂ' V I . . 13 :
4fac polygonum P fimile dato ABEDC, Eric'd 186, .
oczquale datoF, - . € 7206

z Nam A B EI')C'(AL)~P};: ¢AB. BHr:: g‘;:".
. ALBM, ergo Pg=——BMh—F, Q.E.F, .. heonfr
it - Ipxo ’\. xxvx.( ¢ ~‘ .\\“ i
e " Si 2 parallelogramme .

. A Bascp jdf;illeld rammins. ..

5 . AGFE ablatum fi¢ , & fi-

: wile toti 5 o fmiliter poff-

P "t 5 commiunemcum eo ha-

¢ bews anguiin EA& G o bo¢

S D i o cired-eandens chm” tory” dige
£ metrbisAC confiflar, o -
¢ Si gt A.C elfe sommunem diamettirii 5 i
ehodianister AHC. fecans E F intH. - & ‘ducatus-
Hiparall A-E;, Paraltalogeamimz E I D'Bafit asq 6.
mibiafunt.:becgotAE, BH.2: AD., DCeAE: b 46
EF.4proinde ER — EF.f Q. B. A. ... i dels
L e B RN AT RSP TRCEY S § L Oy
e xxyln o O

i FIEE
- HIE— CAN

R b Ominium parallblos
K D ‘”Ei‘?ﬂmﬁf#’h’ AD;;
\ L henwn Jo- ek G fecundum ean-
- Nl | dew yvetam - lineam
;% A ) ) ‘A-B -applicatoram ,
NoNS |- deficientinmaue - fi=
i) e s 1 gmi';?pﬁrallelﬂgmﬁﬁ B
ATTICTK B i C 5 KT fimi-
. libus » ﬁmiliteique po-
fis, dAD, qued & dimidia deferibitar |, maxi-
i eff AD, quod ad dimidium eft applicaum , fi-
wiltexfiflens defeftai K|, ;
N quia GE ¢« = G C, addito communi aqh 1
Lbetit KE = C Io== A’M. adde commune & S
G derit A G== Gnom. MBL. fed Gnom. 38,0
. MBLen cE (A D.) ergo AG TIAD. egex
"\-( QE. b; f
P 13 Prop

;.

o

b

it




EVCLIDIS Elementoriw T
‘ Pror XXVIEL =~

.v : “ ‘ A : E ,‘ ; ‘
. Ad datam yelurs dincom A 5 duss vellifnes

€ aguale paraliviogrammun AP applicare defitions
tva paraliclogramma ZR. y que ffmilis firiloeni
paraliclogrammo duio D. * Oportet autem datuw
teibilineum €, eni- aguale AP applicindsss tffen
majusefe eo AF, quod ad dimidiiss applicstins >
- wilikws exfiflentibus defefibus 5 a¥ejusA Bt
 ad dimidiam applicatnry & ejus B 5 chi fimils b

- | effe debey. . el
Bifeca AB in E. Spper ED 4 fac Pygr. ‘:
fimile dato D, Pt BG = Ct 1. LEapgr
NT = I, & fimile dato D, vel EG. duc diame~ %
tumFB. GcFO=¥N; &F Q=XT. Pt
O, & Qe parallelas SR, QZ: paralldogra
mut:‘nAPe&id quarir. | 3, NT
Nam paraliclogramma B, EG, OQu. NI i
ZR oo il e Et Far. BG =N
=+ Ce = O Q. C; fquare C= Ghot-
gng;__-.hoa-mi = AO - B2 =P
Nt dur B . e R )

N

P - = R

-+ 1. c Bacpgr- ¢



e VE - 13§
P 2 ob KXEX

i o datawyeStam lineam KB, Jat‘o ve&ilineo C
it ;98:"’}""7[11 logrammpm AN applicare excedens
g 4 parallelogramma QP, gue [nilis fit paralle-
9’; bgrm/gﬂdmb 4!—( r e
! in E. fuper E B s fac rEG 1- <
it edatsb b it ueppgr nx _._.Eé bas. 6.
i 'm'diltODveiEG facfELt':f‘HJ é 3t
i {AGM"IK M duc paraffelis RN,
N &AR pa ?ﬁ N moduc BY; GBOA
y  Dutdiametrum FEN., Pyt AN et quéfurh. -
¥ - Nlﬂ araUdogmgmaD,Hh,LM E
o ‘;?llmftint acer . Q I' ﬁmﬂé’ & & 0 f
‘“govgl) item LgoMg <} B ét .

L6 h-~ 1 jax
¢ Yergo © o ENC (;Eu: AL | #

Vs

Y

Ao ? R: 0P XXX :
# G ‘ = P’vopof:fa)n ve- -~
49 , Eam lme%ur- ’
TaR P ' mma:am AB,
1 " extrima de. o
) : dii ratmrte ]é—- ot
. . j care. (A B.
D vy | AG :: AG.

G .
A Fo .,)sm Aoy

!"'WG i it KB ARG, = NGy yegB A b
G A Bc « . -
G:GB QB F. Pror.

S




136  EVCLIDIS Elementorin |
¢ Prop XXXL

-

Coet,
\

S ;,. f'gt};mg'u[ix tfi;ng;c(is f'A c, ﬁ m' r" 1 m:s
-+ BF & latere B C reitam angulum B A€ ben-

dente, defcripta , equalis eft fignris BG ‘:‘:A‘L 2 qhé
priori jzlifB f-’ ﬁmi?ér,’ & fomiliter pofire & laseribus
BA,AC relbum angipm continentibus’ ldff‘"
.- " ..Abangulo ré@aB A'Cdemitte Pcrp.e‘ndml-
aswr8.8 * Jarem A D. Quonidm'CB. C As = €A DC
beor 306 peric BF. AL::CB. DC3 invqffcg}le'ﬂn-
~ 'BFx:DC. CB. Itetr'quia BC, BA4::BADE
¢ 1§ " perit BF.BG::-BC; DBy ac invertendds BG-

Qfkiigs. BF ;: DB.BC.cergo AL —+3BG. BF: DC+
16" DB BC.dérgo AL+ BG=BF. - QE D .
' veél hic. BGBF £ :: BAq. BCq.e &AL.BF Y
f145.  ‘ACq BCq. fergo BG—+ AL BFu BAq-+ -
gt L5, ACq. BCq. £ ergo cum BAq =+ ACq b=8Cq

a7t perit BG<+-AL=BF. Q. E.D. EA
. P : /f

. Coroll. e
Ex hac propofitione; addi poffunit, & fubtrabl |
figure quevis fimiles;eadem methodo, qua 4u -

; drata adduntur & fubtrahuntur , in fcbol.47. 1
B HE o o P R° P

4

[y .
- |
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Pror XXXII _
oo Si duo trianguls
ABC ) DCE 3 ke
due latera ducbus
lateribus  proportio-
naliq habeant (A B..
- AC:DC. DE)
i g C o B fecundum unum an-
A CD comppfisa fuerint , ita ut bhomologa

aim. lasera fint etiam parallels (ABadDC, - '

& ACadDE y tam Jreligna. jllorum triangu-

. Ioram.lamﬂ\;(i,' CE ;,i.rgg-hr}z'lx‘izeﬂm collocata
Yeperientuy, ’ T
Nanang. Ae.=ACD2=D; & AB:ssg. .

ACb::BC. DE; sergo ang.B = DCE. ergo 5% = -

d%;

; N €0.6.. ..
¢ EB-+AI—ACE. fed ang. B~+A—~+ACEe=2 dras "
¥ yopliBo g AGE -+ ACB—2
I BCE ¢t tea linea, Q.ED. ..

£ v, @,

v

P fan v

10 equalibus cireutis DBCA » HFGP 5 angnli
+ BDCy ¥ H G eandem babent rationem” cum peri-
PaiisBC, B G quibus infiftunt 5 frve ad centra
¢ (MBDC, FHG,) ffve ad peripherias- A, B
@ Imfliuti jnfiflant ; infuper vero & fefbores BDEGs
FHG, quippe qui.ad centra confiffant. Duc

ke e —————————

Relt. gergo'f3n - .

D." T Tgan
Poroo<r. XXXLIL.

ol
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218 3.
517 3.

. tiplex et hrclis BT, quam 2 _b&

\

en. 3.
- 48afs.
erg. 5.
f10.3.

m s.dfﬁ‘s.

s

. chs BC cui infiflis ad soram circumfererien. BC

EVCLIDIS Elemesmwm =~

Duc reQas EC, FG. Accoriiniodh CI=CBj
& GL==FG=LP; & junge DL, HL K,

Arens BC =€ T, s item arcys FG, 6B, IP
*quantur. b etgo dng. BDC DI F&ang:
EGH==GHL=LHP. Er d[custB’ tam\mul-

)11

DI ahguli

BDC. pariterque 2quémuleiplex cft arcus =2

stehs B G, atqueang. FHP 2 ali FHG. Ve-
rit At -

rurks i arcus B I = =2, “IF Pyoc hte?
ang BDI1 =, P’H"F.efg'a, ¢ JC.FO#

ang. BOC.FHG:B Yol F%Gf:fﬂ.l-?{

"D »
%tfus’ :iﬁg.BMCg:“.CNf;‘bzt’qﬁe 1&33

- fowm, BOM = CIN. Ritéeh teldng: BDC =
2. €DL letgs feffor BDEM = €HIN. Si
. pmiote feftores FHG , GHE ;, THE 2q82¢ o

o = FGP A

* Quum igitur.prout artis Bl =

fimiliter feftor BT &= 3 FHP.merit fek.

BDC.FHG :: arc. BC.FG? Q__E.D.

. Coroll.
Hinc1. 7 fellor 4d fefhobem > fic angulsssd

angnlum. Jelar ['_".-_f’”-»’ﬁ i
3.Ang: BT Cin tehtro ¢ff ad ¢ Yeftoss sher-

-\ Namutang. B D'C ad refum; arcuf

~ arcus B C ad 4 quadrantes , ideftad-fotam

ad quadrantem. ergo BDCeftad 4 reftés » .
sl

cumferentiam. item ang. A.2 oft :: arc. BC:

petiph. ~ C e

. Hinc 3. Inegualium circnlorim archs 11..1‘%‘

g'm igua/e: fubtendunt angulos , fre ad cemitd )

1 1}“ & BAC, fioead peripheriam > funl

il
Nam I'L. periph. : ang. TAL; (BAC
4Relt. item arcl.’ BC apc%ripﬁ.:: an(g'- BAC.
. B Q.Re&-

'Y

N . L
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G 4.ReB. ergo IL. periph : B C: periph. proine -
dclmuﬂ.;&ncmﬁmiles.' Unde
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Sy

- Definitiones.

fas eft , fecogdum quam v-
Dugquotique eofum que funt,
'}inﬁnldigituh 1)
.{ E1" Nimerjts ajtem eft; ex
X ,‘;h\iigjb@goji)pfda mubtitudo.
111 Pakefbptdherus pumeri/y minor ma-
joriss quum odipgf metitir majerem.
Omnis_ pars.ab vequmero nymeiy:fibi fumit > per
Zucm i fa nsmerum, cujus eft part, metitur 3 ¥E4 i
icitur tertia pars unumeri 12 ,gu.ia meditir \u

7

per:ge - h U AL 8 SR s
1'V. Patesfutetinycum pommetisur.” .
Partes quacungne nomen accipinnt & duobus ilis

numeris, per quos maxima communis duovum numt-

sorum menfura kivumaque corum metitur, u¢ 10d-
citar 3 numeri 15> eo quod maxima communis men

fura y nempe 5 mevitur 10 per 2,8 15-per 3.

V: Multiplex vero major minpris , cum M
jorem metitur minore -

V1. Par numerus eft; qui bifariam dividi-
tur. _ o

V1L Impat vero numerus y qui bifaam
non dividitur; vel,qui unitate differt i patt. .

VIIL Puriter par numerus eft , quem paf
numerus metitur per numerum parefn.

1X. Pariter autem impar eft, quem par nus
merus metitur per numerym imparem.

X. Impariter vero impar numerus eft » que®
impar numerus metitur per numerum imparem.
o ﬁ I, Primus numerus eft, quem fola upit®
mrecteat.

X IL. Primi inter f¢ numeri. funt, quos fol2
unitas, communis menfura,metitur.

XiIL

o . |



Lisdk vir,
XIIT. Compoficus
mefus quifpiam metiyr, ‘ ]
V. Compofiti autem ‘inter fe numeri
s quos.aumperus aliqgis, communis menfura
metinur, ' S
In bac defmitione g Precedenti unitas now, eft
' humerns, o ) .
XV. Numeius nimerum multiplicare dici-
i toties compofitus fuerit is qui. mulci-
Plcatur, quor fune in ipfo mulriplicante upica-
1 & pracreatys. fuerit aliquis. -
(o in omni multiplicatione unitas eft ad mul-
ki ﬁ[lzmormutmuhiplicatu: ad produltum.
Kk . - . S
- 2, qudd J2pe cum mulsiplicandi funt quwf}
i Rmeti,putq Ain B,Iiterarum_conjmﬂ'ia produlum
5 'M};. Sic AB==A inB. item CDE — C‘i”l :
nE, . :

* - XV Cam autem duo numeri fefe multi-

" Plicaneg aliquem fecerine qui factus eric , pla-.

. 2 appellabirar Qui vero numeri fefe mutuo
Multiplicaripg s lateraillivs dicencur. Sic 2 (

. Z=6=C:D ef nuimeras planss. R

¥ XVIL Cum vero tres Dumeri mutuo: fefe

v tiplican ey fecerine aliquem » §ui procreztus

" Mhfolidys appellabirur; Qui autem nusneri mi-

g oo fefe multiplicarine , latera illius dicentur.
o (CLins (D)in's (E) = 30= CDE&

'ﬂ"ﬂmemj Jolidus, " .

" XVITT, Quadratus numerus eft, qui 2qua-

o o 2qualis | ye] qui fub duobus zqualibus -

i meris Continetur, Sit A lerss quadrati; quadya.

¢ " lenotatuy AN el Ag.

v - Lubus vero , qui qualiter zqual{s

5 Nqualiter, vel qu fub tribys zqualibus numeris

" Continerur, ‘Si¢ A Jasus onbi ; cubus notasur fic s

o QAA gl A, ’ :

Inbac defimitione 2 @ tribus }medemiba: » bni-

S e} numerns. "

g ’ - ———

) x"4l“

numerus eft , quem ny-
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) 2 == Adivi per B. itews F

m*~. .
" EVCLIDIS Elementorum
X X. Numeri proportionales funt , cum pri-
mus fecundi, & tertlus quanti zquemultiple ety
vel eadem pars;vel denig; cum pars primt fecun-
dum, & eadem pars tertii @que metitur quar-
tum , vel vice verfa. A.B:: C.D. hecett, 5.

g 15 .
? X § 1, Similesplani, & folidi numesd funt,
qui proportionalia habent fatera. ' - ‘
 Latera nempe non qugliber fed quedam.
X X11. Perfedtus numerus eft, qui fuis ipfius
partibus e @qualis. . .
Uc6. & 28. Numerns vero qui [uis ipfius pers
+aibus sinor eft, abundans appellgsnr; qui vero mée
jov 5 diminutns. ue 12 eff abundans , 1¢ eft dimi-
nRiug, . - N
XXIIL Numerus numerup ~meti dig-
tur per illum numerum , quem multiplicans, v¢
4 quo muldplicatus, illom prodacit, -
" Indivifione , unitas eft ad quosienteins wtdivi- |,
dens ad divifum. Naotas quod numerks alseri finet:
la imerjeita fubferipeus diviffovems dentar. St
CA_ &in A divil. .

e

Técmini "Gva radices propertionis dicaster
duo nurheri,quibus in eadem proportione mig> |
£e3 fami nequount. R A
Poflulats.

L.POthuletur , cuilibst numero quolibe
- fumi poffe equales, vel multiplices.
2. Quolibet numero fumi pofle majosem.
3 Additio, fubtralio , multipficatio, diviio
.extraitionefque radicum 5 fou laterum,sumere
. guadratorym > & cubprum concedantd

=

© ediam, tanquam poffibilia,

e e




Liber VI I,

- Axiomaty,

~

I.Q[}g;qu'd copvepit nqi zqualfum ‘Dume-

YOy conyenit & galiquis zqualibus
Bumgris,

% Byttes eidem papti , vel fifdem partibus,
<@dem, fant quogpe inter fe exdem. :
3+ Qul numens Fqualium pumerorum , vel
?ut;f:'m; exdem parces fueripg , #quales inter fe

 Qorm dem numerys, vel zqualesyezes
dempartes fuering, 2quales inter fe far,

L (VN‘% QMRem numernm per ,uqit,ates,qu; )

’t,:tlu'} o fant, hoe elyper ipfummet numerym me-

3
tatem,

7+ Sinumerus numerum multiplicans , ali
}:"‘" Produxerit , metieus mulciplicans pro-
: B pes waldplicatum , mulriplicatus autem
e per mulpplicantem. .
Y wullys mumerus primus planys eft ans foli-
’éﬁ““,dm«h vel cybys. ) ,
* 51 aurmerys rumerum metiatur » & itle per
1% wetiyr, eundem metietur per eas , quzin

eUepte funt, unisaces, ¢ effyper ipfum nume-
. SURE unip 0
U metiengem, ‘ '

Ouis pamerys feipfam meticur perusis.

5 $numerus numerum metiens muleipticer -

1o Per quem metisur » vel ab eo mylriplicetar,
lum fiem mecicur, producic. L
1% Numerus quotcungue pumercs metiens,

o I quoque ex ipiis metityr. X
"+ Numenys quemcungue nymerym meti-

i Bk quoque omaem umetum quem
* agisur, . .

1 Nomerus metigns ttym & ablatum s E

i & peliquug.

PROP.

[
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artany?
Suraxy.

cyex.s,

alexy,

bry.

\\\»n‘_h_,
EVCLIDIS Elementorim

Proer I .

53, S dudhus numepic
3 2 inegnalibus pfv[@jygﬂr
H--- 7 (AB, CD) detra-

. . . hatar femper mino¥
C D demafore A B (& reliquus EB de CD
&c.) alterna quadanm detyaFione , neque yeligues
airquam precedentem metiatur , guoad affumpta fit *
snitas GB; qui printipio propofiei funt numeri ABT '
CD primi inter fe evunt. . :

81 pegas , habeant AB, CD commupen men-
furam, numerum H. Ergo H metiens CD, |
#ctiam A E metitur ; proinde & reliquum F B3
sergo & CF, atque bidcirco reliquum FD 3
# quare & ipfum EG. fed totum EB meticbaruty
b ergo & reliquum G B metitur, pumerus onjs
tatem. ¢Q.E. A.

Pror IL

9 6 o Duabar name-
Accver.Evwesn B’ 15 9 6 rivdaris AB,CD

6 3 _ non primisinterfor -

Cu. F.uD 23 maximam en®

G--2 577 communemmenfi- "

© pam F D reperires 2

" Detrahe mintrem numerum C D ex majort
AB, quoties potes.. Si nihil relinquitur , ¢ gatet -
1pumC D effe maximam communem menfi-
fam. Si relinqaicur aliquid E B, deme huncer
C D; & reliquum F Dex EB, & ficdeincepss -
donec aliquis F D pracedeptem EB metiatit -
(nam b hoc fiet antequam ad unitatem perveais

- tur.) Eric F D maxima communis menfura.

Ceenflr,
- B nexy,
S25.45.7.)

"Nam FD emetiter EB » aideoque & CF;

& proinde & totum CD; ¢ ergo ipfum AE; anqu® -

circo torum A B metitur. Liquet igicur F
commuaem effe merifuram.Si matimam effe o
" ) xm

B -



- Eiber VIT.

2% fit major quepiam G.ergo G metiens CD,
d Weltur A B e & reliquam’E B , d iplumque

i VROAQE A

"

o o Comad!.
W Hinc, sumerns metiens duos numeros , mes

% Bur quogue inaxigagm eorum communerm men~
» furam. ) ) .

Pror TIL -

------------ 12 Tyibus numeris dasis A, B, &

non primis inter fe 5 maximam
Dend wrung cgmmunem menfuram E
------ 6 reperire, :
Ews2 Ioveni D maximam com-
munem menfusam duari A,B.
. SUD metitnr tertigm C, liquet
D_manmam effe trium communem menfuran.
p S .',‘“nlﬂ\'iiNIC.‘e)m(ﬁlum-D?& C com-
o M"’mfe&fc, ax cotall, prxcedentis. Sit igts
) E‘:’g‘m{m D) & C maxima camunis men-

Jenie B is quem‘ms, )

mE ¢ mevens G, & D5 gac D ipfos A, &
. % major aliquia, (F) eos metietur ; niage i hoa

i yoas, cetgo F metiens A, & B, cosum ma- ceoraz,
! .

r:mmmnem menfuram D metitur., Eov

. mm“mb » F metiens D, &C » ceonwm maxi

z» larun, meticyr. e QE.A. .
PR ~ Coroll,
s Hing, numergs matieas tres-niimeros » mayi-
« ’;;‘:’ uoque eorum commuyem menfuram me-

i X " Pror

j ) e

145

7 CEepoingen reliquum F D, g majot mino- (sh/';/’pof

ax 4.

aeonfly,

7 Bueaur; hergo E metitur fingwlos A, B> C 3 b 1rexs,

‘ommunem menfuram E 5 4 major ngs dfippef.
N €9 x 3.

i
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TYAde 6 Ormnis numerus A ; omnis

. conficiat ipfius B; ue =19

- akyp, ;

b
o,

etax,t,

T pars evit, qua unus A aning B C.

a+b=x-+y=x-+y. QE.D.

EVCLIDLS Elementorym |
I'a_or: Iv. S

Buuw.7 numeri B. minor maforis, ant
cvevsesseee. 18 pars eft ant partes, ;
v 9a Si A & B primi fint |

. _inter fe , o erit A tot pat- |
tes numeri B, quot funt in A unitates. (ut |’
6=3 7.} Sin A metiatur B , b iquet A effepar- |
tem ipfius B. (ut6==118.) denique i A& |
B aliter compohiti inter’ fe fuerint , ¢ maxima {
communis menfira determinabit , quotpartes A |

, Pzroe- V.
© Aben 6 D..g
S 6 § 4 4
" Buwie GuewnGr12. E..H..F8

.-bsi ;mmm:.r A wumeri B C pars fuerit, & dtr
D aiterius EF -eadem pars ; & - fimul m:,z: !
‘(A —+ D) satrinfque fimut (BC —+ E F) e

Namh BC infuaspartes BG, G Cll’“
Tquales; atque E Fia fias partes F H, HFiphi "
D xquales refolvantur ; ¢ erit numerus paruum
in B C ®qualis numero partium in EF. Quum

" igitur A4-D b— BG~+ EH=GC —+ HF , a1t .

A DDcou'es in B C =+ EF; quoties A in BG. -
& : ,

Veel fic brevius. Sit a==x & b=y, ‘0 _
-3 2 .

2 2 3 ,
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Provr. VL
33 4 4 . Si nu~
* ALG..B6r . D...H...ES merus AB -
B Chnng Fuaen 12 numeri C

partes fuerit; @ alter DE altetius F eedem partes;

& fimul uterg; (AB—+DEYutrinfg; fimul (C~+F)

y  tedempartes evit, guie unus AB unins C.

D{vfdc\AB' in fuas partes AG, GB ; &

* DEinfuss DH, HE:. Partium in utroque
A »DE wqualis eft multitudo, ex thypoth.

Quum lﬁ'lmrA G « fit eadem pars numeni C, abyp..

92 D Hnumeri ¥, perit AG =D Headem b 5:7.
Pars compoliti C —+ F, quz unus A G unias C.
bEodemmodo G B —+ H E eadem pars eft cjuf=,
emC+F, quz uousG'B unius C; eergo ctaxn -
AB + DEezdem partes eft ipfius C —+ Foquze © 7"
AB ipfius C. Q.E.D, v )

. Vel fic. Sie a=ix. & b==2y. dergo 2+b== asax.1.

' ;H-;y:;y -+* x. Q_E’D. '

. Prope. VIIL-

B s 3 - . i numerus-
Sy ALLELBS . A B numeri
L " CD pars fue-
. G...C.... e Foa. D16 vit 5 qualisab-

s C latus AE ab-
b UiCF; o religuus B B reliqui E D eadem. pars
& O, qualis torus AB totins Cl?). ]
*, 85t EB eadem pars numeri G C» que ABa«. jofy.
“1plusCD | vel AE ipfius CF. b ergo AE + EB b5y,
5 taem eft pars ipfius CF + GC, que AEipfius
CF, vel AB iplius CD: cergo GF =CD.au- .,
' Ommunem CF, d manet GC == FD. e ergo 4 ;.ex.1.
eadem eft pars reliqui FD (GC) qua totus e 7- .
4B totins CH. Q. E. .., ‘
Velfic. Sit'a -+ b.== x, & ¢ + d — y; arque .
Bmx = 3 y, quam a=3 csdico b ==3 d. Nam
304 3df=3 y == x £ = a~+b.aufer utring;
B 3¢s== a&bremanet 3 d=h. QE: Il?.

K2 ror s
g-

fu 2
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- EVCLIDIS Elementorum
PropP VIIL.
6 2 & -3z 8 neme
Aven Hoe Gy E.- L. B 16 s AB mu-
.18 6] po Lo mei C D
Qv Ko D 24 partes fuerits
. . -quales abla-

. tug AR 4Bldii'C§ 5 Té;'xreliquu: EB religni ED ee-

dews pavees erity qualentorns AB sotis CD.
S¢ca ABin A G, G B partes gumeri C D; i
.+ temAEin A H, B E partes nomeri G F ; & fyq

. ane GL r=-AH 5= HE; 4 quare HG = EL. &
qyiabAG =GB, eriam HG == LB. Cum &

& 3.0%.1,"
beonflr.
c3.8x.1,
ay. 7.

g

girur totus AG.eadem Gb pars totins CD , que
* ablatus AH aplati/C'F s derit r_éliguu_s HG,
*vel ELjcadem criam pars reliquj

. pos &R tosius CDy-quz HE, vel GL,ipﬁus_CF‘,

e g.axy.

En!‘

Da
55

= oron

NS

< bgrieindy Jecundis BC guersi BF. -

—d»

x4,

d erit reliquos LBgidem pars reliqui FD' 311&:
. G BrotiusC D ;:ergo E L+ L B (E'B) vatdem

~

. D que
AG iplius C D. Eodem pafto, quiaG B eadem

eft partes reliqui FD, qua totus AB totius CD. .

- ‘.V‘yei-ﬁc' facilius. Sita— b:‘: x.&c- d;'::y. ¥

Ttemramy==2x, quamc=2a; vel equod %

idemeft,3 y = 2x;& 3 ¢c==2 3.’ Dico' d =26 !

X 1

B eg T Si nwmeiis A mameri

4 & < BCparsfuerit,dr abberD "
B G C8 4lm'-ins'EP‘tdémpm;0

S D s O vicifeim queparsef s ant

Eong Huo. FI18° partes primus A tertii B, |

o o eadem pars evisvel sedem ©

I;oai; |

- N B o

Nam 3 c~F . gdfrm3y=2xf=2aw-2hb g
gergo3 c~3d==za~+ 2 b. aufer utriaq’ue. q
g 3R 2 a;& kmanet 3d =z bJ ergo d:fb. %
RROR IX 4.l D)
. 3
!
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Ponitur A2 D: Siatigitar BG, GC, & -
EHyHE partes numetorum BC, EF,ha ipfi A,
| Hlzipfi D pares. Utrinque multitude paktivm - -
)| zqualis ponicur, Liquet veto B G 4 eandom effe 3357 -
-} pantem; aut eafdemy partesipfius B H, que G C bsvei6y.
' hu HE; bauare B C (BG - G ) ipfius :
EF (BH <+ H F) eadem pars eft aut partess
gz unns G (A) uaius EH{D.) Q.E. D.
. Vefic; Sitas= b & o'==d. dics

|

K3

’ ' S T 3

¢ ¢=dNames=3d=d. A raxy.
*a b : ;‘, b

i '

¥ P°Ror X ‘ )

D ALG.B4 o Si mamerds A B wemeri €

7 Con6 < partes fuerit, ¢ alter DE-4D

| 5 tevius F- eedpm purtes 3 &>
. DiwB... E 10 wicifiim que partes eff priv . ..
¢ P 15 mus 'A&mzﬁ DE, am-
c pars g edlem parses erit o
; f"‘."‘k_! Cqmarei F)!::t;dﬂ. : ’4 s
Poniter AB=DD E, & C™3F.Sint AG»
. 60,&DH, HE partes aumerarum ‘G, & B, ., .,
; Wteempein A B, quotin DE. Codftst A G
;. Whus C eandem effe partem, que DB ighus B.
- Vquareviciffim AGipfius D H, paviterque. G B
thus HE, & b proinde conjun@tim A B ipfius §9 %

F&E gaii)c_m pafs eti, aut parte¥, qua C ipfius F. ,b &9t

Applicare potes fecundam preecedentis clembn-.

tonem etiam huic.
dw - Prow XL
)ty 8i fuerit ut torms KB 7 e
> A, E..B 7 . od totum CD*;}‘ 45[,““; T
L AR ad ablatum CP; & & 7

CovrnFrcirn Drg - veliquus EB ad veligmem
: K 3 FD
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"
b 10, d&f.

EVCLIDIS Elementorum -

FDevit, uttotus ABadtotum CD." -
" SitprimoA B™D CD ;asergo.A B velpars
€lt, vel partes numeri C D; b eademque pars eft’

e y.vel8y. vel partes ipfe AR ipfius CF; ¢ ergo reliquus EB

reliqui F D eadem pars elt,aut partes , quz totus
AB totius CD. pergo AB. CD::EB.FD,
Sin fuerit A B C Dj-eodem modo erit juxta

modooftenfa, CD, AB;: FDE B. ergoin-

vertendo;AB. CD :: EB. FD.
" Proer XIL

A,4. C,2. E3. Si fint quotcungue nke

By 8. Dh4u F, 6. meri proporiiondles (A.
: B:uC.D: EF) e
vit quemadmodunm wnus antecedentium A ad unum
confequentium B, ita omnes antecedentes (A
C - E) adomnes confequentes (B —+ D+ F.)

~ Sint primo 5 A, C, E minores quam B> D, F.

7. ergo (propter eafdem rationes) s erit A eadem
7, pars autparces ipfius B, quae C ipfius D. bergo

conjundlim A -+ C eadem etit pars’aut partes
ipfius B+ D, quar unus A unius B. Similiter
A~ C —~ Eeadem pars ft ; aut partes ipfius

c10.ify. B=+D —+F; que AipfiusB. cergoA—~+C+

s10.defy, '

E.B 4D +F::A.B. Q.. D. SinA,CE |
ipfis B, D, F majores ponantur , idem oftende-

tur invertendo. .
Pgor XIIL
) 8i quatwor numeri proporti-

o

i A, 3. C, 4 onales fint (A.B :: C€.D.,

By 5. D, 12, & vicifsim proportionalesv:
) ramt (A. C 1 B.D.)

: . ¥
Sintprimo A & C iplis B & D minores) «t

atque A "3 C. Ob eandem proportionemns# efit,,

- Aeadem pars, aut partes jpfius B, que C ipfius u
b9 &Xro. D. g ergo viciflim A ipfius C eadem pars eft> aut,;

spartes , qua B iplius D. ergo A. C ;: B. D. Sip;

- B U —



T giber vin

ACC; atque A & C majores fatuantur,
quamB & D, eadem tes erit, proportiones in-
vertendo. ‘ .

Pror XIV. . T
Ag. D,6.- " Si fint quotcuriquer numeri

‘36 E, 4. A,B.C, & dliitotrdem D ,B,F
_ G3. Fru  illis aquales multitudine,qui bini

Jumantur 5 & in eadem vatione

. (AB::D.E. &B. C:: E. F) etiam ex equali-
o 1tin eadems vatione evunt. (A.C:: D E.)

Nam quia A. B ;: D.E, 4 erit viciflim, AiD 2t a i5.7.
B.E:s C.F. 4 ergo iterum permutando,
AC:D.F. QE.D. o

Propr XV. '

. D Si unitas numcrum quents

B3 B 6, piam B metiatur;eque autem
alter numerss D alterum
endam iumerum B metiatnr 5 & vitifsim eque
Wites tertium numernm D metietur, & fecundis B’
uarium E., _ - !
_-Nam quia 1 eft eadem parsipfius B , qua D
iphus E; aerit viciffim 1 cadem pars iplius D, ag.9.
2B iplius E. Q E. D i

Paror XVIL :
Si duo numeri A,B fefe

ha As3. mmmso multiplicantes fece-

A3 B4 tint aliquos AB,BA, geni~

' 48,12, BA, 12, siexipfis AB, B Aequales

inter [eernnt. . 7
Nam quiaA B— A inB, s erft 1 in Atoti- 1Sy

) %quoties Bin AB. b ergo viciffim 1 in B toties b ¢ 7.
i Whquoties A in AB. atqui quoniam BA —B c4#*7-
i WA, serit1in B toties quoties A in BA. et-

b

quoties 1 in A B, toties 1in B A 3 & ¢ proin?
3=BA. QE.D. B ~
. - K 4 Prop

L
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8 1f.ddfy.

b 10.d¢f 7.
C1ny,

556 7.

b17.7.

) A;a4.By6. G 8.1 12. Si - qr:a:uor -

-

\ ‘C, 5. C,5.  Si o mwmeri A, B,

bergo A-B:ACBC. QED. K

EVCLIDIS Elementorum
PRoPr XVIL
As 3. 8i nuprerus A duos nu-
B; 2. C, 4 meros B,C multiplicans fe-
AB,6. ACs12.  cerit aligues AB, AC,ge-
niti ex ipfis eandqm ratio-
rem hubtbunt ; quam multiplicati. (AB. A C 3
B.C)
Namqma AB==Ain B, s erit 1 toties in
, quohes B In AB. 3 item’ qlua AC=Aiu( £
erft 1 toties in A , quoties C in'A C.ergoquo-
ties B in A B, toties Cin A C. quareB AB:
C. AC. t‘ergo vicifiim y B.C :: AB. AC.
Q_,E D. \
, PRrRopr XVIIL
.A; 3 B, 9 nemerum quefmpmm -C "
nndn licamtes. fexevint a-
AC;15. BC; a5 fAc HC; genit
quzf s eandmmnmb&bam, qm mnleiplis
sanzes. (A, B:: AC.BC.) - . ,
Nam AC ¢== CA; & BC s== CB; ficidem
C multiplicsss A & Bproducit A C, & BC.

Schol.

Ex his pendet modus vulgarisreducendi fra-
&iones (3 /)xd eandem ~ dénominationen. 3
Nam aﬂt9tam in 3> quam in 5., proveniunt
= quoniam ex s s 3.5 i1 27- 45 Item
ducsin7, & g, prodsunt 35 ye= Z qum7 945
35.45-

PRroe XIX

A D, 48, BC, 48. nrerd })mpomoﬂd' :

© fes fuering,{ A B

C D;) qui ex - primo & quurro ¥t numerus AD,

¢q[mh: c_{i e, qui ex fecxmdu z&*'temu fit y momesy
. BC.

- et
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BC. Etf qui ex primo ot guarto fit namerus AD, : ;".é
aqudtis fit¢i , quiex fecundn & tevvio it , mdntro ' [
BC , ipff quatuor nameri proportionales erumr. | T
(l\ B = C D-) v ayy. g ' i {

LBy, Nim AC. ADas: C.D b 3 A. bigp
3ezAC. BC. dwgo AD = BC, Q.E.D. 557 |

L Hyp, Quoniame AD =B C,-rit A C. ehyp, M
¥

AC:3C4:: A B.ergo C.D. 2487 Q.E.D. B

ProP XX .
A B. C. Sitres nEMEN; Propogiiora-
4 6 9. la fucint (A :B..C)) ) .
AC,36.88, 36 7 qui fub extvemis continetur . L
|

\

16, (A C)egualiseft v 5 gui

, amedio efficitur (BB.)Et ff
90ifub extremis ontimeeur CAC) egualis fuerit e
(8y) qui_fub medin , ipfe tres mumeri proportio-
ulueruut(%_-; §) L

I. Hyp. Nan dme B ==B. sergo A. B s 8tex 7.
D(B)C. bqum AC— BD s P vel .BB-b 9 7.
QED. t. o .

- oy, Quia ACe == 8D, derit A. B D e
{83C Q. E. D, S P dig

. Pror XXL ,

é"'G"Bi~ E.veeema 100 Nemweri A B

“HD g Fuub  CD mimmi e
o ’ njgows -ecantlons cnom
"iationem habentium (E , F) metiuntuy eque nu-
eros By F eaudemaim cisyaWsMerithabentes ; ma-
1o quidem A B wajorem B, minor vero <C D miis
iarem £, o ) R
) Nam AB. CD «:: E. F. bgr\éo’i'icifﬁm abyr.
;B' E ::pD. F. cergp AB eadem pars eft, g;z 4’.';;
fl.p;mcs ipfigs B, qux C D iplius F. Nongae-" """
t,fs" nam fijta , fint A-G, G B partes numeri E 3
*CHHD partes nunwit F, corgo A GéEH
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dos.y.
e by,

s by,
b ;9’. 2
¢ Lax,t,

digy,

f31.7.

b 13 def'y.
cis5.7.

~

ngax'y,
b?7. 7.7

C H. F; & permutando,A G. CH4:; E.F
AB. CD. ergo AB, CD non funt minimi in fua

- ratione, contra hypoth‘e:’go, &c.

Prop XXIIL

Asa. D, 13, Si fuerint tresnmumeri A, B,
B,3. Ey8. C, o dalii ipfis multitudine ¢-
C,2. F,6.  .qualesDyE, F, ]ui bini fu-
mantuy , g in eadem ratione ;
fuerit aurem perturbata eorum proportio(A.B:: E.F
& B.C :: D.E;) esiam ex equalitate in eadem ya-
tione erunt (A.C'1: D.F.) . s
Namquia A. Be:: E:F,erit AF—=BE; &
quia B.C ::sD.E, b erit BE=CD. ¢ ergo
AF=CD.dquareA.C:: D.F. Q.E.D.

Pror XXIIL

- Av9. B4 . Primi inter fe numeri A»B,

‘Ce-=-D-oe  minimi funt omninm eandem
E-. - cum eis rationem habentiam.

. Si fieri poteft, fint C & D
minores quam A & B, atque in eadem ritio-
ne. ¢ ergo C metitur A ®que , ac D inetitur B,

" puta per eundem numerum B: quoties igitur

1in E, b toties erit C in A. ¢ quare viciffim quo-
ties 1 in Cytoties E in A. fimili difcurfu quoties
1inD, toties E in B. ergn E utrumqueA &B .
metitur ; qui proinde inter fe priminon funts
contra Hypoth. : .

. Propr XXIV.
A,9. B4 " Numeri A, B, minimi omris-’

--- um eandem cum gis rationen
Do--o E--_  babentium, primi inter fefant.

. .. Si Beri poteft , habeant A

& B communem menfuram C ; is metiatur A
perD; & B per E; ¢ ergo CD=A, b & CE=B.
o b quare

AN




Liber VI 19§
bquareA. B::D.E. Sed D & E minores funt-b17.7-
qum A & B ,utpote eorum partes. Ergo A

& B non funt minimi in fua ratione , contra
bypoth.

-PrRO A XXV. i
'Si duo numeri A, B primt inter
ho. B.4. - fe fuerint , gui anum eorum A
13- D-- “metituy numerus C, ad reiiquum
B primus erit. o
Nam i affirmes aliquem D numeros B & C
metiri 5 ¢ ergo D metiens C, metitur A. ergo
A% Boon funt primi inter {e, contra Hypoth.

Propr XXVL !

As. G, 8. Si duo numeri A,B ad

3. quempiam C primi fueyint,
(AByT5. E-... etiam ex illis genitus AB

Feo.. adeundemC primus erit.
. Si feri potelt  fit ipfo-

tmAB, & Ccommunis menfura numerus E.
fitque A—g =F; sergo AB=—EF; bquareB. 3¢ ov7.
A:B.F. Quia vero' A primus eft ad C quém ® 19%
E metitur,¢ erunt E & A primi inter fe; dadeo- cag.y.
fuein fua proportione minimi, & e proinde z-*::{ 4 )
Qemetiuntur B, & F s nempe B ipfumB. & A 7777
Blum F. Quum igitur E utramque By C me-

Yawr, nbn erunt ijli primi inter fe-, contra
Hypoth, . . .

fror xxXVIL

A4 B,5. Si duo numeri y A, B prirm'
Agy 16. inter fe fuevint etiam ex uno eo=
4 rum genitus (Aq) ad religuun. .
: B primuserit. L
SumeD—A; ergos finguliD, & Aprimi 5 gry.
%Zt ;dgs, bquare A D, yel Aqs ad B primus eft. bi6.7.

T . ; "PROP.

a Il."-‘1.

]
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EVCLIDIS Elementorum
PR oPr XXVIIL
Ass. C,4.  Si duo numeri A, B ad

B,3. D,2. - duos numeros C, D, -
N s

#16.7.

b6 7.

AB1s.  CD,8. terquead utrumque, primi
. " fuerint 5 ¢rqui exeis gi-
gnentur AB, CD, primi inter fe erunt.

Nam quia & &P ad C primi funt; serit AB
ad € primus. Eadem ratione erit AB ad D
primus. b ergo AB ad CD primusefe. Q.E.D.

' PRop XXIX.
A,3. B,2.  Siduonumeri A, B primi
AQ>9.- BYsq. inter fe fuerint ; & muleipli-
A 27, Bo,8.  cans uterque feipfum. fecerit a-
' liguem (Aq, & Bg;) & ge-

niti extpf}'s (Aq, By) primi inter [e erunt 5 & ff

qpiin principio A, B genitos ipfos Aq, Bymultipli-
cantes fecerint aliquos (Ac;Bc;) & bi primi inver fe

. erunt: & femper circa extremos hoc evenies. -

2177 ¢

bag

T3y, .

- contra Hypoth.

* Namquia A primus eft ad B , aerit Aq ad B
primus. & quia Aq primus ad B, erit Aqad

- Bq primus. Rurfus quia tam A ad'B, & B¢;

quam A g ad-eofdem B, & Bq primi funt, pertt

_ AxAq.id efAc,ad Bx B, id eft Bc, primus. ©

Et fic porro de reliquis.
PROP XXX
.8 g Si . duo nameri
A'-l--_d-Bn---_C‘I;. Dawa- AB) BCHi”’i
‘intee fe fuerint,
eriam wuserque fimul (A C) ad quemlibet “illorum
A B, BC primaserit, Et [ uterque fimul KCad
wnam aliguem illovam AB primus fuerit 5 etiam qui
im principio numeri AB, BC primi inter fe erant. -
T, Hyp. Namfi A C 5, A B compolfitos velis ,
fit D _commuois menfura. . « Is metietur reli-
‘quum BC. ergo AB, BC non funt primi inter fe,

2 H_)ff.
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1. #yp. Pofitis AC, AB inter fe primis , vis-
Diplorum AB, BC communen: efle mesfuram.
blsigitur totum A C metitur. quare A C, A B broexy:
ton {unt primi inter fe, contra Hypeth. . - )
. cewoll. ‘,
Hinc oumerus, qui ex duobus compofitus, ad
wumillorum primus eft ,; ad reliquum quoque®
pimus eft. ’ :

Pror XXXL

“omn primus numerss A adomnem .|
Ag, BS. numersm B , quem non metitur ,
PW‘ eﬂ! ! : I
Nam fi communis aliqua menfura: metiatur - .

urumque Ay B;£pon'eric A primus numerus ,
contra Hypoth. : Co C

P2RO.P. XXXIIL

he. Dj3.  Si duo nameri AsB, fe mui
B6. E,8.  twomultiplicantes fecerint alid
88,24, . quem A B;geiitm antem ex

™S newerns Dy is eriam wnums corwm 5 qui ¥ prin
@in A, vel Bimetietuy, - - -
Pone numerum D non metiriA 3 fit verd

BE. cetveroD ad A primus. d ergo D 5 & o557

* punimi fuat in fua ratione ; ¢ proinde D me- Wy,

;‘[l_l‘B s Bque ac A metitur E. liguet igitur pro- 5.,y
am. - N

Mroe XXXIIL
Mz omnem compofisnm numeens A ali-
B quis primus numerns B metitur.

Unus vel plures numeri 8 metiair;- s i
| WA, quatin miskaus fis B is Aprm.m;:rm;‘ .

attdef7.

© ot Cipfie AR metiatdr aliquis pris o

7=E, ;crgq‘AB: DE. b quare D.A § sgxs




3§58  EVCL IDIS Elementorum
w13.4f7. nam fi dicetur compofitus > & eum minor sliquis

bitex?. medictur, b qui proinde ipfum A metietur; quare-

B non eit mini.nys eorum , qui A metiuntur
contra Hypoth. LT s

P.Ror XXXIV. -
. Omnis numeyus "Psaut primus eft 5 aut,
A, 9. . ewm alijuisprimus metitur. .
¢ - Nam A peceffario vel primus eft,
vel compofitus. Si ptimus; hoc eft quod affeti-
asmy.  mus. Sicompolitus ;4 ergo ewm aliquis primus
metitur. QE. D, - L
: P rop XXXV
A;6.B,4.'C,8. g i
SR AR B 2% S
Es>3. F,2. G,4. L--w

Numeris datis quotcungue A, B, C reperire mini-
mos omnium Es F,.G eandem yationem ¢um eis ha-
bentixm. o

.Si A, B, Cprimi fintiater fe , ipfi infuata-
e23.7.  tiode munimi s erunt. Sicompofiti fint, beflo
by 7 ecrum maxima communis menfura D, qui ipfos
. metiatur per E; F, G. Hi miaimi. erunt in -
‘tione A, B,C. .

Nany D du&ys in E, F, Ge producit A B C.

\

cgux g,

diyy. ~ dergohi & illi in exdem funt ratione. Iamputa

*3.7  alios H,I, K minimos eife in eadem ; e qui pro-

*  pterea zgue metientur A, B, C nempe per nu-
fgaxy.- - Meum L. fergo I in H, L K- ipfos&; B, C
gusxs, Pprocreabir.. gergo ED == A —='HL. punde E.

f/'?"'f HuL.D. SedEATt jlergoL CD. ergo
Liody7. D poneltmaxima communis menfura ipforum
. A, B, C; contra Hypoth. .- S
T eorall, o

Hinc, maxinsa communis mehfura quotlibet
T . - . mume

. -~ -
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sumeroram metitur ipfos per numeros , qui mi-
nimi funt omnium eandem ratiohem cum ipfis
labentium. Ex quo patet methodus vulgaris re-
ducendi fraltiones ad- minimos terminos.

Propr XXXVIL

Duchus numetis datis A, B ,veperive , quem ilti
minimum metiuntur, nmeyum. .
bs. Byg. -~ 1.caf Si A, &B primi
A3 20, fintinterfe, eft AB quafitus.
. Deieen *Nim liquet A & B metiri
E--«F-.- “AB. Si%eri,poteﬁ » metian-
- mr A &Baliquem D T2AB; ; g uxy.
pitaper E, & F. ¢ ergo AE — D—BF.bquare f 1420,
A.B::F.E. Quia vero A, & B ¢ primi funt ¢ 5y
et fe, 4 adeoque in fua ratione minimi, e 2que d23.7.
mesientur A ipfum F-, ac B ipfum E. Atqui iy 7
BEf:AB.AE(D) ¢ ergo A B etiam me- gro.éefr.
tetur D, feipfo minorem. Q E. A. .

A6 B4 Fou.- 2. Caf. Sin
€3 D2, G-.«H--- A, &Binterfe
Dy 12, compofiti fue- p ;5 4
. rint , hreperian~ g 9,7,
W, & D minim in eadem ragone. kergo
AD=BC. Erit AD, vel BC quafitus. 17.6x.7.
Nam!liquet B , & AipfumA D, velBC -
metir. Puta A; & B metini F 3 AD, nempe '
AprG, &BperH. mergo AG=F=BH. 3% 7.
| "wdeA.B: H,Gou: éoD. # proinde ®que oconfhe
mettar Cipfum H, ac D ipfum G. atqui D. G f;'.;;
1:AD, AG (F.) ergo AD » metitur F , major 510 df?
Tinorem. Q. E. A. v .

Coroll. )
Binc, fi duo numeri. multiplicent minimos -
“dem rationem habentes » major minorem, &
Tor majorem, producetur pumerus minimus> '
» Qem illi metiyneu, ‘

} PROL
L . . ~

- ———
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alyp.
b nnjfr
Crtexy.

d 13,057

{
36 7.

T T ————————
EFVCLIDIS Rlementoram

.~ PrRoOP XIXVIL
An2. B3 o Saedye mumeri A, B nue
Escer b o ontrwen: guimpian CD me-

C~--- F .- D ., Hantay 5 edam minimus E,

- quem pﬂz nRETUnIRY 5 edn-

dom . C D metietuy. o
Si negas, aafer B ex C.D quou.es feri pc-
teft, & ldlnquatu: ED "".‘.\33 quum igitur A
&Ba meumpur Esb&E Lpfnm CF, cetiam
A, & B meruptur CF; s nesiuntur aptem. (o-
tum C D ;. 4 erga etiam reliquum F D. metiun-

‘tur, ergo Enoneft minimus,s quem A, &3
. meuumnf, comuhyp L .

Prior xkxvnr

) A,;,l;q..(lﬁ- !‘r bus nimeris datit A» B:Ce

Ds1x, .. veperive minimuss, quevt tii mies
mmtm'. ;
& Reperi D ‘minimum quem duo A, &B

‘metiimgurzquem fi tertius C metiacur; patet D

eife guafinip 4 Quod {i € noa: ‘metiaur D , fle

- B minimus, quem C, & D metiuntuc. Ent

' . E requfinis.. .

j . 852.8,3. G4 " “Nam ﬁngulos A, B, C

by

—

D; 6. E, TR mrrE’wconﬂat ex FL. ax.
CFeas - 'ngd vero pultem ali-
: um ‘F minorem metiantury

: Facrlc oﬁemﬁmr” "Wamn 3 affirmas , bergo P
. metitur F3b prodnde E eundém F metitur., maé

. yormx-arqm dee{’ra .

"

i
Coroll
Hive, (7 ores mmcrz pummertm’ empmm me-

tiantur; ethem orinimus quem imcuunmr s
cundeny merietr.

e o ProOP

1




T L VIL  16x

b i numetnnt; A quifpiam numeyys
B,4:C, 3 B meriatur 5 ilie A quem B meti-

turspartem habehit €, & metiente B -
dmominatam.

Namquhnlmc,bmcﬂjlc Htgob,uy.
- e 67w
A-—B Q_ﬁ D i'f_/’ :

PRoR X‘!.‘I‘ o '--f';uw
i

" St ridmeras R }mm habmeric .
[As . quawlibs B, metictwr ibiwm Rusde. - -
1B G meC 900 ipfd puns B dmemt- o

naiur.
NﬂmqulaBCl—A,bent&—B QE..D "» -
51,-x1"~
P RO P ZLI

Gr mmmm # G, AW minie
K " s eam fisy ’{abr« i-mn 'am',
P75
. lInvenmanfnmimu; aquun denomuato- a38.7.
ms '3 4 metiuntut. bhgc ere.partos, b39.7..
Sy i fierd potelt,H =9 G habeat epfdem -

mﬁ‘; [ 5314 m.“nfﬂo & pfdndegpyr
I :ii::lmm

tineft Y métinimr.
Mm‘ it Py m !; &

o op movag

. .
AN
Lh \




RS L inge \
“LIB. VIIL: «

Prow L .
o A, 8. B, 12. C,18. Dir2yz.
[ ST RN i;:F.‘G___H____

kN fuerint quotcungue. numcw deini
0 (eps proportionales. A B,C, D; ex
tremi vero ipforam A, D primi in-
S rer fefuerint; ipfi K, B,C. D mi-
‘ 8 nimet [unt ommium eand’em cum ¢t
rqmnm habenting.
Nam,fi fieri potegt, fiht 4lfi totidem E,F,G,H
2147 ‘sprwbresinilla ratiose. sergoex aquali AD::
bi.7. K, H.ergo A, %& D primi numerj , b adeoquem
ciny. _ﬂ‘aﬂuong‘mnm,t que metxuntu; E :
fe:pﬁs mmores QE A

oL LS : . :
P ?/ oo Mg A “P ﬁ 0 P. 11‘.\;17,"'1: oo K
a3 . 1\
L-Mz B,3 ;

Aq; 4. AB, 6. Bq,g. * g

AC,),S; AﬂBt Iz, ABq, 18. BC; 2.7 s
¢ Numem reperive Jeuueps profamomles mzmms,
quommque Jufferit qm]pmm 3 in, d¢t4 ratione A
B. a
o Sint A, & B mmmu in- data ‘ratione.: Emnq
“Ags AB, Bq tres mmim: demceps m tmoneA
, Tad B’ ,
217y, .- Nam'AA: AB‘ A B -ei-AB.
:’;"37- , quiz A, & Bb puml fusit mter[e, cmmt
" ., Aq,Bq inter ‘fe primi ; o proinde Ag, AB, By
funt & minimiin catione A ad B. 4
Dxco porro; Ac , AqB, ABqg, Bc in ratiopt
. %A’ ad B quatvor effe minimos. Nam Aqh: a
17,9, Ade i A. Be:"ABA (AqB.) ABB. e atqu(
A.B: ABq BBq (Bc) Qmm igitur Ac ,34]

-

—_— -
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e finter fe primi fint ,.£ eruat Ac , AgB,f39.% . . .
ABg, Bc quatuor i minimi in ratione A ad B, o
Eodem modo quotvis propostionales invefliga. 8™
bis. QEF. o

Cord¥l,

-1 Hige y fi tres numeri fiiinimi funt propors’
“mﬂq-y extremi quadrari erunt ;{1 quatuor »

.3 Extremi ‘quotcunque proportionales pet
‘banc propof: inventi in daga ratione minimi, fu<
terfe primi funt. : o
.3 Duo numierly minimi in data fatione; me-
| tuacat omnes medios quotcunqué minimorum 5 -
|Ineadein ratione ;- quia fcilicet producunturex
ilorum multiplicatione jn alios quofdam nus
“\ meres.- . T
4. Hiticetiain liquet ex Conftraftione; feried
tumerotum. Xs Ay AqiAc 15 B, gy Bei-Ac,
Aqhy ABgy Be, conftarst: ®quali- n.ultitudine
Wikromm ; -ac proinde. ¢xtremos nimeros
\{totcubque minimommsentinye proportiotas
{lum, effe uleimas sotidml- coatinue proportics ‘
v gbnitate. ue extremi A, B cogtinue - T3
[opoBiopaliam Acy AgB,;AB,Be,  funt ultimi
-Woudem proportionalium ab unitate 1, A, Aq,
A& 18, ByBe A

i o - can
| 5 b 8sAq,Ac; &B,BA; BAg; ac Bg, ABgq
*funt % o daeione 1 ad A. item, B, Bq; Bc§ &
?;ég» ABq; acAqs AgQB funt I in'ratief®

ST

: ‘Pror L 77 :
M Byts, Cii8, Dy 8. - Sifiow ghos-

RN DR cnngue puhél

‘A) 8, Co D> deinceps proparsipnales, minini owini-

Mtandem cum eis vavionens hisbeptinm;illorum ex-

YA, D funs inter fe prli‘mi. ‘ :

i 2 ’ Nam
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2's.8,

h s pofy.

EVCLID?S Elementorim
. Nam fisinvenisntur totidem humeri fsinim
imratione A ad B , illt non alii etune , quar
£3B;C; Di'ergo juxéa 2. coroll. pracedentis
extremi A & D primi funt inter fe. Q. E.D.

PrRovP IV.
A 8, B, g C, 4. D)-s. . thiml'ht ds-
H,4 F>134. By20. @, 15, #iv quotcamgne in
I--K--L~ea | minimsis teymiomis,y
" (A #B;&Cad

. D} reperive numevs deinceps mbmines in, dutis re-
tienibus. : S
@ Repent B rrisimuors s quom By & C sdketinn-
tue; & B ipham E b apue nrerian, ac A alcermw
Byputa per eardeny He b jctm C ipfum B2 D!
alteram G squemseriamuy: evans F; E; G -,

. nimiin datis rationibus. Nam A H ¢ == F; &'

BHemE. detposA- B AH.BReF.E
Sibiliter €. D 1 E. G. fues igivw ¥, E, G,
deinceps propertionales in datis rationfbus. Joo'
miteimi fuay in iifdery y tath pataalios §; K, L
misiinos cffe. £ oo A& B.ipfos b &K, Fpr
siferque C & D iplos’ K & L. pethustur’
ergo B,& C evidem X myevitianir yQuaave atind
E esbdem K metitior yfeiflo minorimn QEB.A
A6 Bss5. Coa. Da3e ErseFore
U0 B Geaos], by Kypd¥ ot B
- Palis vero tribus rationibus A 2B, 8C A
Dy ac Ead F. repesi, u priagy tis K, Gs;
minimos deinceps in rationibus A ad B, €&,

D. tunc fi E numesum I metiatuy, - - ¢

. b Sume alterurs X, quem F-zque ymeistun; ¢,
runt quacuor H, G, 1, K, deinceps. minimi, it,
Shakls rationibus ;- qued aen aliterprobabimus,
guom-ip priesi pame. . R

. L A A,-C:i'

i

i




Liber VIIT. s {11
: A;6. B, §e c,‘- D, 3. E.l- ng.? N
L. Hoa4 G 29 Ty, o
M;48. L, 40. K;30. N, 105.. -
Sin E non metiatur I » fit X mini-
s, quem E, & I metivotur; & quoties
v Lihim K, toties G ipfum L , & H ipfum M me-
+ Y. quoties vero E ipfum K , toties F ipfum
¢ Nmetiatur. Erune M, L. K, N minimi deinceps

; Idais rationibys ; ‘quod demonfirabimus , ye
v, Piug, . :

PRor V. .
i ' Plani numep;
1 G E3, CD, EF raui.-
126 F16. ED, 18,  omems habens exle- *
| g rbnscompofisam,
R R D : . !

—_ )

' Lo NETE+ )
Nam quia CD. ED'a 22 C. Es 4 & ED. EF +: am.y.

D.F, atque :J: b = :-; -+ E_’E’ ¢ erit lf“fib :tlc:d;f:

.@':.9-»;? Q.E.D. -

; - Prop VL .
A, 16. B, 24, C,é& D,s54. B, 81. .
. Fi4.G,6.H,9. o .

St quotcunque mumeri deinceps propertionale

'BCyDLE 5 primus ansem. A fecundsum B non

| Peitnrs neque alius quifpiars wilum mietietny.

{_Quoniam A non metitur B, ¢ neque quilibet

+ Moxime fequentam metienir;quia A.B S B.C.::

D> &c. b Accipe tres F, G, H minimos iny oy

one A ad B.” quoniam igitur A non meti- °*%

+ By geque F metietur G. ce.l’gqu non “eft cs exy.

- W% fed ¥ , & H inter fe primi funt ; ergo dy. 3.

i Wm e fig ex’zquo A. C : F.H, & Fnon *'47
Mty H, d neque A ipfum Cmetietur 3 pr.

! x"MRipfum » nec Cipfum E, &c. quia

#B. Dei: C.E> &. Eodem mado )
GexB D""CEI’,‘; ° fumptis

. 030,48



‘166 EVCLIDYS' Elementoram
fumptis quatuof vel quinque riinimis in fatione
AadB, ofténdetur A ipfos D, & E ; ac B ipfos
E, & F non inetiri, &c. Quare noflus aligm me-
dietar. Q. E. D¢ - T '

) . .PRor VIL

" A,3.8,6.°C, 7. D,24. Ey48..
. §i fint quotcunngne numeri deinceps proportionales
A, B,C, D, E} primus autem A extremum E me-
statur; is etiam mesituy fecundum B, .
_. Sinegas A metiri B, s érgo nec ipfum E me-
tietur, contra Hypoth, . S

Pror VHL .. . ' *

Ay24. C,36. Ds54. 2,81, S intes zhmi“
G,8. H,12. L18. K, 27. numeros Ay B
- E32. Ly48. M, 72..F,108. medii wminmtf
I o . proporsione cet
. gidevint numeriaC 5 D ; quot inter eos medit cori-
tinua proportione cadunt numeri , tor & inter alios
E, F éandem cum illis habenses rasionem, medii
. " continua proportiohe cadent. (L, M.) L
5y & Suine™G; Hy ], K minimos = in ratlone']
;”_7 AadC;beritexzquali, G.K::A. Be:: ‘E.-l:-'ﬂ
38 -Arqui G, & Kdprimi funt interfe ; equare G
Y37 gque metitur E, acK ipfam F. per eundem nu-
meram metiatur H ipfum L, & 1 ipfum M}

. -

€ éontte, . ¥ itaque E, L, M, F ira fe habent ut.G, H,L K}
’ boceltnr A, B+C,D: QE.D. .7 4
s P 3-6 r IX.. : i

' S  §h duo numer

E,2. F, 3, - . A;Bifiminterfi

G4 H,6.'1,9. - "Lﬁm":', & imn

A.8. Cy12. D, 18. B, 27, tos" spedii comi

' T gy pro?om'om

- eeciderint mumeri, C; Dj quot - inted eof Medis con
. o ’ sinits




Crwikeger ¥ITIL -
tind proporsione cecidefint numeri » totidem (E,G,
* &F 1) @-inter sittumque eorum ac unitasem me-
! difeontinug proportisnecadent. o :
Conftat LE,Gs A; &1, F,I; Befle % &
totidem quot A, C, D, B, nimirum ex 4 coroll.
v8 QED. | i

| " Prew» X

. B8L12. K, 18.B; 29, "". i St -intey duos
i E4.DF,6.G,9. |, nRmeres KB e

| Dy F,3. 7 anitasemcontinue

S o proportionales ce-

i o ciderint numeri

(ED, & F,Gy) quot inter utramqueipforum, "¢
Witatens deinceps medis conpiniia proporrions cadants.
| mumeri, totidens ¢ inter ipfos medii continua pro-
'| Pwtivme cadenit, 1, X. Ce S
NImE:DF;G s &A; Dqs(-ti) DG (K', )
Bunt 3, per 2. 8. ergo, &t : S

b PRoR XL

v oantton ‘ .
| As2By3, . . Dubrain quadratoram
| A94 AB, 6. Bq, 9. . numsirorani Aq, Bq unus.
; . ! sieding proporeionalis eft
.| Mmerus' AB. o guadratunm Aq ad quadrarum. -
| Bqs duplicatam habet laseris A ad.latus Bratio-
| wem, .

N Li}““ Aqgs AB, By, effe . b proinde
g =gbis QED. 0

N

Tooaaare o U
oy e oy
S T S
S Lael.., TROER . L.
U SN O 3 SRCS U

a7
» J) aofis.
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ns. 1,
b 10 defS.

[ &
-

o3k 1,8

. EVCLIDIT Eifwntorim
"PRroPr XIL

Ac;27. AqB; 36. ARqy 48. Bcy 6¢.  Duorum
. B3 Bagr cboram wy-
.Ag:8-.AB, 13, Bﬂ:!s swerarysg Ac,

Bc. dap me.

dii pr famomles funt numeri AqB, ABq. Ex cubus
Ac ad cubum Be wiplicgiag pahet lateris A ad
latus B rationens,

o Nam A, AqB,ABq Bn fynt %5 ip vatios
oo A id'B.b proimde 5° g e Q.B.D.

Pao? XIIL
A&%,z B’4RCC:
. 16 25 3 64
Act 29\6.&’4,;-3;:‘1. [ :}8. igq&sﬁ [~ ¥ U8

"33 foms quentihes munri deinceps propeviignaier, -

A, B,C; & multiplicans quifgue o fasias .
ahgm i qui ahills produdi jj‘;mn{t.%, 1 £q
proportionales erunt: o fi mumeri priwam pofisi Ay
B; C malsiplicantes jam fatkos Aq, B, Cq; fece-
yint aliquos Ac, Bi;Cc, @R qooque profomormle;
erunt. & femper civca extremos hoc evenies.

“Mam Aq; AB.Bqi BC, Cqs ﬁut ‘E‘a ¥ergo.
e"i““M-lthl QR '

" aYeem Ac; AqB, ABq, Bc, BqC, BCq, Cc
fune 3§ 5 bu&uuuu aquo, Ac.Bc 13 Bee
€. Q_,E D, .

i

i’uove XIV

'Aq:4 AB, 12. !q,gty &gﬁdmmtﬁ

Az, . B, 6.. mierus Aq guadra-
tRIm BuMETUm Bq
metiatuy, g latus uniss (A) metietnr latus alterius
(B: ) & fF unius guadrati latus p, metietur lasus al-
t;rtu: B, qnzmus Agq quadratum Bq merietss,
K . Nam Ag 1B¢-AB.Bq,cum
igitur ex'hyp Aq metiatue Bg, idem Aq fe-
‘cun

s m————



~ Liber V211 169

amdum AB b metietyr. atqui Aq AB:;A.b7.8

B. cergoetiam A maiturB.qQE?D. o sodfy.
2 Hpp- A metitur B. cergo tam Aq ipfin

AB,cquam A B ipfum Bq metitur; 4 & proinde.d st exy.*

1| AqmeticurBq. Q. E.D. : o

'
1

! Prop XV.

A2 B, 6. Si cubus ny- .
Bc8.AqBy24.ABq,72. Bes216. . merus Ac cu-..

‘ . bum nameram
Bemeriatur 5 e Latus wnins (D) metietur latus’
dlterins (B: ) Et fflatus A anmius cubi Ac latus B
dierins Bc mesigent > & cubus Ac cubum Be
metisty, S )

L+ Hyp: Nam Ac, AqB; AB1,Bcas fynt 3.an&k s,
ergo Ac, braetiens extremum Bo, cetiam fe- :'-'y”i.
cudup AgR merietur, atqui Ac. AqB: AB.
dergo etiam A metierur B. Q. E.D. a
o, »Hp. A metitur B; 4 ergo Ac metitur AgB, 10.4ef 7.

'g;“%‘\l?q: & hic Bc; eerga Ac mstietur Be. o 1naxy.

Propr XVL
he  BH 0 s quadraius ruméras A
Ayr6. Bg, 81 quadratum sumerum Bqnon .
. © o metiatur,meque A lgtus unins

slierius latus B ‘metieturs & £ A latus unius qua-
dvati Aqnon meriatur B latus alterius Bq, néque’
Qucratus Aq qradratum By metietur. 3

L. Hyp. Nam {i affirmes A meticiB 5 getiam , , Y
Aqiplam Bq merictur, coptrahyp. - -

. Hyp, Wiz Aq metin Bq;sergo A ipfum
Bmetictur, contra hyp. ; o

i

: " PROP.




170

/

~
81§.8.

.

S o

* 21.defy,

27,7,
b 5.

cro.df. f

EVCLIDIS Elmmmw

l'xor XVII

Ay B3 L S cubus numerus Ac ra-',
Ac,8. B: 27. bum numerum Bc non metia-
< turneqhe A latus unins latus

Balteyius mevietur Et f¢ latus A, wnins cubi Ac
" latns B alrerins Be non metiatny, neque cubus Ac
cubum Bc mesietur.

I. Hyp. Dic A metitiB; « ergo Ac menetur, '
B™. contra Hypoth.

2. Hyp. Dic Ac metici Bc ;8ergo A lp(um B
metietur. contra Hyp. .

Propr XVIIL

L 4
21

[ C6 Dy “Dutorum fimilivm pla-
: CDy12. notum numeriyam CD,
E,9. F,3.DE, 18. EF , unus médins pro-

EF, 7. " portionalis eft namerus

‘DE : & planus C D
T cad plmum EF duplicatam habes lmm c ad latus
bomologum E mmnem
Quoniam * exhyp. C. D E.F; permu~
tandoeritC. E: D. E. atqux C.Ea: CD.
DE;«& D.F:: . DE. EF. b ergo CD: DE..
ms E F. QE.D.
rgo ratio CD ad EF duplicata eft rationis
CD adDE; hoc e[k rationis CadE, vel D
adF. o
(oro[l
Hxncnperfpxcuum eft , inter duosfi mlles pla-

nos cadere unum medium proportionalem , in
ratione laterum homologorum. -~ -
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" Probr 'X1X. .

CDE,30.DEF, 6o. FGE. 120, FGH; 24,

: CD,6. DF; 12. FG,Z4. ‘ »
G2 D’3: E;5. ,4.G,6. H, 10.

Duorum fimilium folidorams CDE, FGH 5 duo
- mediiproportionales f[unt sumeri DFE , FGE. Et
Jolidus CDE «ad folidum FGH triplicatam ratio-
nem habet lateris homolagi C ad{atus homologum F. o
Quoniam ex* hyp. C.D.i: F.G ; & D. ssrify.
E:G. H; erits permutando C. F ;i D, G 2437
E.H.itqiiCD.DFb::C.Fs & DF.FGb:: o\l }.
D.G.equae CD, DF::DF. FG:: BE. Hodn 7.
degoCDE.DFE:DFE.FGE:: E.Hu
FGE.F G H.ergo inter CDE, FGH cadunt
 duomedii proportionales, DFE, FGE. QED. | .
tLiquet iglcar fationem € D Ead FG Hripli- e
© catam eﬂ% fationis CDE ad DFE ; velCad F.
Q.E,D. ot o
R : Coroll.. .,
Hinc, inter duosfimiles folidos cadunt duo
medii proportioniales, in ratione laterum homo-
logotum. - .
, P ror XX .
A 12 @, 18. B; 17. Si inter duos nus
P: 2. Ey3..F,6. Gy9. ‘meros ‘A,B; unus me-
S dius proportionalic cq-
dat numerus G, fFmiles plani eyunt illi nuperi, A,B.
sAccipe D, & E minimos ih ratione A ad o35
C, vl C3d B. bergo D 2que ‘metitur A y acE B3
ipfum C; puta per.eundem F.Fitem I) zque me-
, titerC ac E ipfum B, putd pét eundein G. et~ :9‘2}'7
éOD?;A, & EG—B. dquare'A, &B plaai *'“"
funt numdri. ‘Quia veroEFe== €¢=—=DG; *°°

7
7

eterit DB F G, & vicillim D. F: E. G. ;.?',47&7.
7érgo plani numeri A » & B etiam fimiles funt.

L E.

N ‘P_} oM




372 EVCLIDIS Elementorum
. , Pror XXIo
A,;16.C,24. D, 36. Bygq. Si inter
E,4 F,6. G,9. . dnos numes
H,2.P,2.M,4.K,3.L,3. N;6.  ros A,Bduo
. . wedii  pro-
portionales cadans numers C,D; fimiles folids erunt
illi numeri, A, B. ‘
. 8. asume E, F, G minimos 33 jn ratione A ad.
b 8. C. bergo E, & G funt numeti plani fimiles.
€197 hyjys lateraﬁ?nt H&P; illius K&L:cergo H.
dews83. g p.L:4E.F. AquiE, F, GipfosA, C,
€i.7. D ezquemetiuttur , putaper eundem M ii-
" . demgque ipfos, C, D, B &que metiuntur, puta
foary. pereundemNfergoA==EM=—HPM,f&
g74f7. B—=GN=KL Nj¢quare A & B folidi funt
numeri.’ Quoniam vero Cf—= FM; & Df=
brs.  FN, erit M. Nb:: FM.FNg:: C.DIE.
ﬁ.'uﬁ} Fy H K :: P.L.mergo A, & B funt numeri

muvdfy folidi fimiles. Q. E. B.

] Io.i, ’
.s‘JPo

Ve
R

Propr XXIL

‘A,4 B,6. C,9.  Sitresnameri A, B,
' . C deinceps fint proporti-
onales, primus autem A fit guadvatus, & tertius C

uadratus evit, o L
Tnter A, & C cadit medius proportionalis.
sergo A, & C fung fimjles planij quare b cum A
quadratus G, erit € eriam quadratus. Q.E.D.

o Pros XXIIL

" W,8. B,12, C,18. D,27.  Si gratsor numeri
A, :Ca, AB{'C,D dein-

, £eps fins propoysionales 3 primus gurem A (s cubus,

35 i quarous B cubus arit,

831 8.

Nam A ; & D « fimiles folidi funt; ergo

© Shp 7 hoym A eubus fit; eritD cubus. Q.E. D.

&

o b : P R- oFP.




" PTxor XXIV.
A6 248,36, Siduo numeri A, Bra-
Ci4. 6. Djoi . vionems babiant inter fe,
. S guam guadyarks numérns.
C ad guadratym pumeram D 5 grimus antem A fit
quadratns; o fecundus B quadretus erit. ‘ !
Inteér C, & D aumeros quadratos , * adeoque * 8.4,
infes A, & B eandem rationem habentes, s cadit | o
wus medius . proportionalis. Ergo b cum A by
quadsatus fic, ¢ etigm B quadratus enie. QE.D. ¢3-&°
Lty covell, o )
1.Hinc fi fuerint duo numero fimiles AB,CD
(A.B:: C. D) primus autem AB {ic quadratus,
etiam fecundhd 1B quadatas &it.
- *Nam AB. CD :; Aq. Cq.

VT i VITL T I
' |
$

s 10K 88

1. Liquétex his proportioném cfifvis e
fi quadraci a8 quemiibe non quadvatam , exki-
beri aulfo mégq_goﬂ'e in duobus numeris qua-
d&tis. undé gon arie, Q. Qi f2he 1y 1 Q.
L&c o

I3
I

PRor XXV,

C,64.96: 1%, D26, - - 85 dus wmmesi

A, 8. ¥, 285 By agl - B, Bisedionem infer - -
[e babeant , quiams
ekbus numerus C ad cubum numersm D', primss
antem A [t cubus, & foewndns B cubus erit, .
¢ Inter C, & D cubos , b adeoqueinter A & 248

" B canden-vaciotene Rubentos:; - dadune ‘duo‘“me-“",,‘f‘
dii proportonates.. | : eri A ¢ cubus ﬂ:’:g
st Beaboy &t Q. E.D. ' :

’ S5 el 6

A 1. Hinc etiam f faerint duo mither] ABE DFF

(A B;f: D.E 8B. C+E.F;) prinnis dutem :
ABC cubuy fieir’, editis fecandus DEF cubiis .
erit. R ‘ 33,819
*Nam ABC. DEF :: Ac==Dc.. . -
- Datet etiamex bis, proportionem cu]uflv:s
i ‘ s

e e el —
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174 EVCLIDIS. Elementorim

numeri cubi ad quemiibet numerum non cubum
non poffe reperiri ia ‘duobus numens cubn.
1

I'nor--XXVJ. I
‘A, 20, C, 30, B, 45. . Similes plani numeri
D,4 E,6. Fg. tABrmmemmm]?
; bdomt_, quam guadras
' mmumera: ad, quadramm nameysm. . -
Inter A, & B scadic unusmedms propomo-

-,

bs.8  nalisC. & fumc tres D, E, F. minimos $%in ra-
tioneA'ad C. Extremi D, Fpquadraii emnt._ .
‘atqui ex zquall A Bc . D., . ergo A.

‘UL QQ QE it

3.

r‘ac’u. o~

v & in limiles effe po

. - Pnor XXVIIL

A, 16. G, 24, D,;6 B, g .. Similes, ﬁ)li- i
B8, Fyr2,Goa8. Hja7., & sumeri A,
: " Byrationem has
bent ; mm /E,"q id cu)ws namdu; ad :ulmm nante-

Yum. -
a Inter A, & B cadunt duo medii propomo-

iy nales, puta G & O} b funequanior E, F, G,.H

-minimos = in ratione A ad, €. b Exwemi Ey

ey -H.cubi IuathtA B¢, E-H..C C

Q,E D-\ ‘h i J\
. At 70 b Z) LR Ty
T Scbal. 1y ol aa x\

z sl !
inferg ues nullmmmro,s hnwntqs
propomonxn fuperpamculamﬂtsavd (uperbis
‘partientem, vel daplaim; autialiamiguamcyoque
- multiplam "non denommaqam i numero qua‘

4~=t°';f=ﬁ,wxmxms. e
. 2. Nec upvispeimi gumend , & Q‘lﬂF
,quxcunque l;,,gg& pricgi, qums‘“‘} gon fi fints

o

X _ R ST .
e -'-‘5;‘:.:":'1-:7.: 3 :r,i RERTUAIN JNI:-? IB. -
. . ! .

e . e i -
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"LIB, IX
PrROP ;.'

A6 .. Bysq. - .
- Aq, 36. 108. AB, 324.

1duo fimtiles. plani numeri A, B mulripki-
éamey‘e mutuo faciant quendam A By

produtus AB quadratus evit, ‘
) - mA. Be:: Aq. AB; cum igirar 21%%
inter A, & B'b cadat uaus medius proportiona~ 8.8,
lsy ¢ etiam inter Ag, & AB cadet unus med.pro-
port. ergo cum Primus Aqfit quadratus, Jetiam a8
tertius AB. quadrarus erit. Q. E.-D. .

Velfic. Sint aby, cd fimiles plani; nempe ab z; .
tdxergo a d=bc.quare abcd,vel adbcr—adad , 9y !

Qeadk + - e Ch ynexy,

PN ‘si‘dto 'numeri.cA,B.]'e ’
Arb i Bogq. - mmsuo mult‘iflimntetfdi- P
‘8936, -AByg24. aht ABquadratnmfimiles - .
At plami efanty Ay Bl R
. Nam A.Bs it Aq. AB; quare cum inter Aqs sy,
ABb cadat unus medius prbportionalis, ¢ eriam bt.8
usts interA, & B medius cadét. #ergo’ A, 8B d508.

“unt fimjles plami. Q_E. D.

3o

. : . ] P o {)'- 7“:".“
s ror L

Nl e s e el _:'\L.-;‘{ :
Az Acs. Acc, 64 Si cubus numerus Ac . v
‘ < fhipfum maltiplicans pro-
“metealigeim Acs, produltas Accenbus epit,
© Nam g AaiyA.Aqb:: Aq.Accergo ipter 1,& | g ypy, -
. 8¢ caduint dugmedii proportionales.Sed I.Aca:: bar.ne

AcAcc.c ergo inter Ac,& Acc caduns stiam duo <& ¥
o ’ s T medii
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medii propartionales:Pioinde cum Ac fit cubus,
d13.8.  derit Acc cubus. @] KD
< Vel fic ; aaa (Ac) in fe du&us facit aaaaaa.
(Acc;) hic cubus éft , cuijus 13tus aa,

F : Proer 1V.
Ac,8. B, 27, Si cubus numerus Ac
JAcc, 64. ABc, 216;  cubum numersm Bemul-
Co tzplzum 5 faciar dupcm

"AcBc, fafbus AcBe cubus erit. -
217 l Nam Ac. B¢ 4 :; Acc. AcBc. fed jnter Ac
b8 &BCH cadune duo medii proportionales;<ergo
Jnter Acc, & AcBg totidem caduat. itaque cum
dsyB. . Aec fit cubus, 4 eri¢ AcBe etiam cubus. Q E D
Vel fic. AtBe =z aasbbb (ababab)

; v Pror v. -
St Ac 8. B,27. Si cubus numerns Ac

' Acc, 64. AcB, 216, numerum, quendam B ml-

i uiplivans , faciat cubum
AcB, & mult;plrcamr B cubas erit.

. < "Nam Acc. AcBay: Ac: B. Sed inter Acc, &
P -AcB b cadunt duo medii propertionales. »ergo
c88.  totidem cadeat iuerAc,& Bs quirg cum Ac ey

4.8 bys Et, d&iam Bcubm erit. EL_E. D. °

'a'.‘.‘.'i"" Pror VI
Bt BA, 8 A 64Ac;n. i numerus A fe-
PR o ipfom wonisiplicans fa-
ciat Aq cubum; énpfe Acubns erit. .

. by ‘Nam quia An ¥ tubss ;. &;AqA (AQ b ar

b o f7. bus, ¢ ent A cubus. Q.E.D

.Pzop VIt
A 63 11.AB,66. &mp«ﬂmmr

v rs DL Byl A memireh quenpian B

sl ﬂm,qﬂwﬂ""
ﬁtfar AB; filhii AB fmm

- Quoniam

a

——— L on——I




s (T 7 !. ' T 77 ' *
'Queniam A compoficus el ametitur eum a 3 13.df.
liquis D, puta per E. & krgo A = D E ;' quare 2:’,';,7, )
DEB == AB folidus-eft. Q. E. D. t

’ Pror VIIL ,
L3.at, 9. a3,27.a4, 81.a ) 243.3 6 729. .

5 ab unitate quotcunque numeri deinceps propor- ‘
teles fuering (1,3,2%, 23,24, &c. ) tertins !
giilem ab wnitate 2t quadratus eff; & unum interd. . |

witentes,oomes (2 9,2 6,28, &c.) ; quareus antens
avef cubus; & duos intermistentes ommes: (26,2 o
&) feptimms vero a S,cubus frmul & q.udrams,'(f
quingue rterpritientes ammes (a '3; 28, &c.). o |
Nm1, a3== Q. z & a 4= azaa=— Q.a2. ;
- kab=azza2a = Q, aaa, &c. [
a3 " asa=C.2.& 2 6== aasaaa—= C. : .
@& 21322222 — C, aaa; &c.
}aé = agiaia — C. aa == Q,ada.ergo.&e.
Veljuxea Buclidem; quia' 1.2 4:: 2. a3, berit adyp.
| $=Qua. ergocuma?, a3, a4 fint 5 cere, 230 F
i 24 etiam quadratus. . paritérgs a %52 8,856
Uialaes: a2 ad éntadd—adina=x
‘1.4 g0 quareus ab a j, hempoag; ctiam cm 433.8

Wity &c, ergo a6 cubss fimul & qladratus
'ﬂﬂ!t\a&c. gO R ¥

Pror, IX.

© . Layd a6, a3, 64 2t 256, &c - N
. w8 44 64.23; 120245 4096.
Siah unitate quotcunque tinmeré deinceps pro- .
Itionales Fuerint (1, 2, 2%, a3 &C.) 5 qui vero
() pof unitasemns fit quadratns 3 © religei gines,
33,24, &e. quadrati erunt. At ffa; qui poft
Metasem, 5t cubus, & veligui ammes a 3,2 3,3 h&c.
o 0% erumy, . . -
LHyp. Nama3,24,2%, &c. quadrati fant
Uprzc. item quiaa poritur quadratus , d€nt 4458
 'tus a5 quadratus, pariterque a$, a7, &c. e1go

| ‘mid, . ) *Hp

e ———————



178 EVOCLIDIS Ermemvram

b 13. 8. 2. Hyp. a cubus ponitur, ? ergba4,a7,a 10
334 cubifunt; atquiex preced. 2’ 26,29, &¢. cubi
‘®33. 8, funt. denique quiat.a:a. aa,ceritasz=Q:
a. cubus autem infe & facit cubum ; ergo d, cu-
bus eft, & eproinde ab eo quartus a$, pariterq;

"a8,a%1; &c, cabi funt. ergo omnes. Q. E. D.
-+~ Cldrius forfitan fic; Sit quadrati alatusb. er-
o feries 3, a 2,4 3,24, &¢. aliter exprimetur fics

“bb; by, £6, b8, & liquet vero hos omnes. qua-

«lratos effe ; & fic etimm exprimi pofle;Q : b, Q:
bby Q.1 bbb, Q : bbbb, &c. P % @
- . Eodem modo, fi-b latus fuerit cubi .3, feries
ita nominari poteft-;b3.b6,bg,b1%, &c.vel
C:5,C:bsC:b3,Cibay&e . )

S Proep X 7

¥;3,a%a% a%a9,a6. ' Siab unitate quot-
. T ¥5234,8).76532,64.  cungue numeri deinceps
o ’ proportianales fuerint (1,

Cayad as, &c.); qui vero poft uwitatems () nom
fit quadratus, neque alinswllus quadrasws eris, pre-
ter ad.devtiumeab unitate, & snum intermistenses

, omues (a4, a8, ag. ) At fFa, qui poft unita-
' B . . il
_ temspon fit cubusineque ullus alins cubnuserit pre- -

2er a3 quartum ab unitate, & duos intermitsentes
amness a6; 29,2, e,

1. Hyp. Nam fjfieri potet, ficas quadratus |
numerys. quoniam igirura. a z 4:7a4. as,

’ é‘}#’% & inverfeas.ay:: az.a; fintqie as, &Ka  bqua
b

S quadratys, contra Hyp..

2. Hyp. Si fieri potetl, fic a4 cubus. qfiopi- :
am 1gitur Jex xquo as.a6:a. a3,atque in-
3 14 7. Verfea g ag:a;. 45 fintque 26, & a 4 cubi, |

* & primusa, cubus, « etiam a cubus’erir, con:
¢35 & trz Hypoch. } ' :

\ . - - PRrROP’

drati, primufque a, quadratus, «erit 2 etiam

Ty

RRagF- 3



: TN Liber ix. ‘179 -
| Proer XI :
L 3 31, 33, a, ag. ae - ¢ Si ab 4. -
b &8, 27, 81, 243, 719, nitate quot.

’ Cung; numeri
| eps proportiomales Suerint (152, 33, 23, &c.)
o T majorem mecipuy P aliguein eorum quiin
\ Mporiionalibus funt wumeris, @ -

S , L
, ‘Qllomam T.2i: a aa, derit a A=

2aa
—

" ftem quia 1, 2412, aaz 4 erit = 5
: : i = LETY 2

1) as N .
a= .7 & denique quia“1. 23424, at,
ag a6 o ’
-, La2 -
| "“fa = as== 33 & e e

o Corall, ) LT
‘ H}M;ﬁnumems qui metitur aliguem “ex pro- * °
« Pionalibis, non Gt ways proportionalium,

¢ e numeryg per quem meticur; exit aliquis ex
+ Poportionalibys. . ' :

Pror XIL. . I
hanal, ag,  gigh initase quotcungs
116,36, 216, 1296, numeri: deinceps proportio-
. Bi3. . nales fuerint (1, 3, a2,

23 A )5 quicangue pri-

| e numerorum B ubtimuns 2 4 metinsitur, itdews

| (B) & enm (a) qui wiitati proximus eft metientur.

" Di¢B nop metiri a, sergoBada primuseft; - - ..
240 B ad 22 primus ety & ‘protade ad a4 § 3 7-
| Yemmetici ponitur Q, E. A, - es6 ¥

) Coroll. . .

.« IItag; omhis numerus primus ultimum me-
. UeLs, sietieur quogs omnes 7lx'os ultimwn pra-
Cdentes, M'a < St

<
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2. Si aliquis numerus non metiens proximum
unitati, metiatur dléimum , .eric Gumerus com~
politus, Yy

i

~nulius 3hius primus numerus ultimum metierur.

P R or XML

AR ST SR §
1. Siproximusunicad fit primis numerus ,

1, 4, 4% @, at,’ Si ab unitare
o 155 24, _.125,62‘;?, . 3uptwquc numgri :
s #M--G--F-<E-- einceps proportio-

ER

Y .. .nales fuerint {1,
Trtd %@ &c,) s qui vero poft wwitarem (a) primus

£5t; maximum nullus alius metietur , prages eos gui '

. Jentinnumeris propovsionabibus.’, -
Si feri potett , alius quifpiam E metiasur a4,

"aesr.13,9.7 nempe per F 5 seric Falius extra a5 @ 5 .
brcorng Qlia vero E metiens ¢ non metitur & erit -
€339 E aumerus compofitus ; ¢ ergo eum aliquis pri- -

dravxy.

83 s0r 15 g MUS metitur, dqui proinde ipfum a4 metitur;

ideoqueligs 9on ok 5 quam «. ergow meti-
aur & Eodein ‘modo oftendetar Fcompofitus
Bugherus; meticas & ¥, adeogue #iipfum F metid,

f9 ax.y. itaque quuin EF f—a4 ==« inwd.gerit 4.F o F. ;

B9 7.

nsodyy. a3.ergocum ¢ metiatur E , 4 que F mecietur

keerai 9. @3, puta per cundemG. i Nec'G erit 4 , vela®. 4
2080, st ik, G et aumeros compohitus ; &4

ehmapering. quurk.igitar FGf =@ —=aind,
gesit g F 32 Gooany & proinde > ‘quia A metitur
Ey$ ®gue G wmetetura?, kilicet per eundem H; |
kaui poneft 0. ecgo quarh. § H w4

" hoy, terit H. «% 4. G. ergoquia qunaticsr G (at
10 of' 7, pritss ) w etiam $ mesicoar4 ; mmncram yi- ;

mum. Q_F. N.

Prot.

r o e
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dmckm iy vationews. babentiun: ;- dug gmilibee -7
5 Compofiti,ad veliquwm prinei eyss:. [

. beigo A=Dg; b & C—Eq; b & B=DE. Quiia b
. oD ad E ¢ primus.eft, 4 erit D—+E prinms ad §}

i DE(fA +B).ad Eprimus eft , ideoqge ad C ¢ 3.2

Tiber I X 1
Pro® XIV.

CAyzo. 0 SEminimum numersm A
32 C 3. Dys.  priminameri B, C, Dune-
E--Feel 7 tianturs nullusalins nime-

rvus primus B illum metie- '
turs prter evs, qui-y principio mesichantur.

-

Sifferi poteft, ﬁt% =F.sErgoA=EE. gt

bEtgo finguli primi numeri B, C, D ipforum 4 4, 4,
E, Funun mectuneur ; nowEh qui primus po-

niws; ergo F , miporem feilicet igfo A ;. contra
Hypoth. o

Propr XV.

. A9.8,13. €, 16.. ﬁcarernmrif‘&)}}-,é

Di3. H,qe  deinceps propusionales, fue-
virit: Winbmi omwium esn-

»~

T

*Sume B, & B minimos in. ratione A ad‘ﬁ

fingulos D, & B: *etgo I» in D+ Ee=D —+ x '.5;'

? f prins.
. ® Eq QE. D, Pati pato DE-+Eq.(B+C) gir.7.
: “'D;E":imw.«em & peoinde ad A=—Dq.QE.D.

i

i
o

D’{,llqpe quiaB ad. D++E bpuimus: eft 5 iy ad : "!7

\

hojus quadeavum kDg ~ = DE + Eq(A 2 L - -

34-C)primus erit qpare idem Bad A+B Gy
adtoque ad A-+:Ciprimus, egic. Q.E.D. : .

PO I
R i
e .
M3 Pro®

e e i e Tn. -

e A i R L .
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Proer XV I
A,3. B,5- C--o - Si duo numeri A, Bpri.
" i miinter fe fuevint 3 non erit’
ut primus A ad fecundum B , ita Jecundus Bad a-
Gium quempiam C. .
DicA.B :: B. C.ergo quum A & B infua
813.7.-.  ratione ¢ minimi fint, A p metietur B &queac 8

céany. ipfum C ;fed A ¢ feipfum etiam metitur ; e1go

-+ A & Bnon funt'primi inter fe, contra Hypoth.
'"PRoO P XVIL
- A8 B,12. C,18. D, 27. E---
Si fuerint quotcunque numeri deinceps proporéiv-
nales A, B, C, D, extremi antem ipforum A D
primi inter [e ffut ; non evit ut primus A ad fecun-
dim B, ita ultimus D ad alivm quempiam E.
.. DicA.By: D. E. ergoviciffimi A. D :: B. E.
a7 .ergoquum A & D in fua ratione s mjniml fnt,
biny b metiptur Aipfum B'; ¢ quare B ipfim C, & C

Gnery, fequentem I, dadeoque A eundem D metietur. .
Ergo A & D.non funt primi inter fe , Coptra ;

.. Hypoth. -

_ PRoO R XVIIL

RS

"' "A, 4. B,6. C, 9. Duobus numerisdatis A B5 -

cna s Bq,a6. | confiderare an pofsit ipfis ter-
i . .

tius proportionklis Cinveniri.

agery. . - SiA metiatur Bgper aliquemC ; serit AC
bpersoy. | =—Bq. unde liquet effe A.B';: B.C. Q. E. F.

A;6.3,4.Bq,16. Sin A non metiatur Bg,non erit

aliquis tertius proportionalis.-

¢7.oxy. Nam dicA.B:;B.C.s ergo AC=Bq.¢ proinde
: ?;C- Scilicer A megjrur Bg, contra Hypotb.

‘,'?r,‘ e ' . - / ‘DROD-
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Liber IX. 183
Pror XIX

A8 B, 12. C,18.Dy 27, Tvibus nume-
EC, 216, vis datis A, B, C,
ol . confiderare -an

pofsit ipfis quarins proportionalis D invenivi, .. .,

Si A metiatur B C per aliquem D , dergo ag.x.y.
AD =B C; b conftat igitur.cffe A. B i: C. D. bexigy.
QE.F. Sy . '

$in A non metiatur B C ,. non datur _guartys
Poportionalis; quod oftendetur ». prout 1n.pia-
cedenti, : o Lo

PropPr XX »

, : . Primi numeyi pluves funt

A2 B3, Cy5.  omni propofira mmlitudiz

Dijo. Ge-ra’  me primorim Aumevsrim

h A) B’ Co

. 88it D minimus , quem A, B; C metiuntur, 2 38.7. }

fiD~¢1 ptimus fit , tes patet ; fi compofitus
bergo aliquis primus > puta G, metitur D417, b33.9.
quinon eft aliquis trium A; B, C 5 nam fijta,
q9um is ¢ totum D—+I,& diblatum D metiatay, ﬁ’[;{,ﬁ,’[
tidem reliquam unitatemt metietur. Q Bl A. ¢ rauxr.
Ergopropoiitorum primordm numerorum mulk
ttudo auta eft per D~+15 yel faltom per G.
T4oe XXI -
: I
o8 8. 3 %3 2 3, .

“ A B BwF..CiG..D2o.
) Si pares riuvaeri quo-cunque AB;BC, CDreomd- ..
bonaneuy, totus AD parerie. Y -
" eSumeEB=1-AB & FC=} BC,;®GDS 16,44,
CD. b liquet EB fEFC 4+ GD= L 'AD. cergo ch.df7.

AD et par nymerus. Q.E. D.
b
iy M 4 PROP,

.



184 EVCLIDIS Elementorum -

‘PR or XXIL

¢ I D S §
A....F.Bu..G.C...H.D..LE 22,
9 7 5§ .3 .
Si impures nameri quotcungue AB,BC, CD,DE
componantkrymultitado antesn ipforum fit pay; totus
AE parerit, o
n7.dfy.) Detra&a unitate ex fingulis imparibys, s ma-
.nebunt AF, BG, CH,, DL numeri pares, &
b Wy b proinde compofitus ex ipfig par erit ; adde his
: P -¢ parem numerum conflatum ex refiduis unitati-
€39 bus, étotus idcirco AE par éric. Q.B. D.

PR oOP XXIIL

1 . S impares nir .

7 1
A B C ..E.D1s. meri quorcungue

3 AB,BC,CD

compongutiy ml-
- titudo antem ipforum fit impar; & totus AD impay
erit. . :
“assm.. - - 3geregatus, AC 4 eft par numerus. huic add
:’z’-’; © CD —1,; btotus AE eft etiam par ; quare refti-
7477 tuta unitate tatus AD ¢ impar eric.” Q. E.D.

Pxropr XIXIV.
4 § X . . Si&pari numero AC
" AwuB oD Cro, par AB detrahatnr> &
.6 seliguus B C parerit.
. )i fu . C Nam.ﬁ)-BD ((f_cl;
1)1mpar fuegit g erit BC (BD—+1) par. QE.D.
:7&:,'” # sin BD parem dicas , progm_' AB % parem; ¢ erit
esg.  AD par;aideoque AC (AdD .~ 1) Impar, coo-
t13 Hypoth. ezgo BC eft par. Q. E.D,

.. PROPM

Nam dempto CD yno imparium,reliquorut

JES 2 SV VO S S Y . e _——




o Liber IX.0 18y

N

Pror XXV

€ v 3 Si A pari numero AB

Au..D,C..B1o. impar A Cdetrabasxr

! 7 & religuus C B impar
erit.

Nam A€ 1 (A D)e eft par. beroo DB ay.defr.
eltpar. cergo CB (DB ~1) eft impar. Q.E.D. bue

C Y lef T
Proer XXVL .
4 6 1 Si ab impayri numero
Au.C.euD.B11. AR impar €B depra-
7 batuy 5 reliqgeus A.C
ar erit.

b Nam  ABw—1 (AD) & CB~=:1 (CD) ‘
A #fone pares, b ergo A D —C D (A C) eft par. ay.dfy, '
QED, , I TS

i

Prxor XXVIL »
1 4 6 Si ab impavi. namero
A.D...C..... B 11. ABparderabatar CB.
| reliquus ACimpar évit.

' . Nam AB—1 (DB)

8% par; & CB ponitur par. b ergo reliquus av.ief.
1 4.9

S R,

.

Pror XXVIIL -

Si impar numerus A parem pupe-
% 4. rum B maltiplicans fecerit 'atighem
AB,12. AB, faltus AB par erit. .
- Nam AB s componitur ex im- o ';yp. & if
-def-7y

A)3-
B

Pani A toties accepto ; quoties unitas continctue-{#7 o
B pari. b ergo AB eft par numerus,. . - i
"Schol. ‘ o
Eodem modo , i A fit numerus par, ericA B,

par, _ A -
’ " PROP.



136 EVCLIDIS Elementorum
Propr XXIX
4,3. Si impay numerns A | imparem nus’
B,s. mevum B multiplicans fecerit aliquem

K'g;'f',‘ 'LB; faitus AB impar erit.
' Nam AB s compounitur ex Bim-
*15.447.. pari numero toties accepto,quoties unitas iyclu-
bsjg.  diturin Aetiam impari. b ergo A B elt impar.

v QE. D, .
Scholium,
By 12 (Cy4. . 1.Numerus A impar numersss
A"; "3". ; . B parem metiens ; per nameriin

parem C eum metitir.
Nam fi C impar dicatur , quoniam s B=AC,
sgexy. erit Bimpar, contra Hypoth

bag. 9
B; Is (C>s- 3. Numerus A rmpar nume-.
A, 3 rumt B zmparem metiens 5 fcr -
merum C ymparem eum metithr.
’ + Nam'fi C dicatur par; 4 erit A C vel B par
©:89.  ‘contra Hypoth: \

lz_l; (Cis. . 3. Y A— (AerC)

A3
: + impar. .
. " Nam fiutervis A , vel C dlcatur pat, #erit
618, o B numerus par, cantra Hypoth.

PROp. XXX
B,z4 S (€8 D1 ,CE,+- '
33 ‘ . A’, .

iy Si impar numerns A parems numerum B mma—
b1 tdol, tur, & tllm: dimidiuim D metietur.

: 51999‘:7 Sit : :::r ;Ai- ‘—'_Cc ”Cl'fic . numefl’iP;’)"

v ;;zp Y F 4 erit Be—CAd—2EAc=—"2

grexy, C'S° EA=D P& e promde —E. QED:

* PROP.

mctiens imparem numersm B.eff

~ T




| .~ Liber IX. 187

‘Pror XXXL . -

8,5. B&. C,16. Dur=  Si impar nume-
! . rus A ad aliquem nu-
| merkm B primus (it ; & ad illius duplum C primas
A :
Sifieri poteft , aliquis D metiatur A , & C.
4erg0 D metiens imparem A imparerit:, b ideo- : 3.febol. -
quetpfum B paris C femiffem metietur. ergé bio.q,
4 & B noa funt primi inter f¢, contra Hypoth.
, Coroll. R
 Sequitur hinc, numerain imparem,qui adiali- '
quem numerum progrefiiomis dupla primus eft,
Pumum quoque efle ad omnes numeros illius - ©
Progreffionis? * - ' : .
D2 RrRop XXXIL 7 }

LA,z B,4. C,8.D,16. - Numerorum
L. ! . A)B’C,D, &ce

i bindtio duplotum wnufquifque pariter par eff tan-

thm. - b

Conftat omnes 1, A,B,C, D ¢pares effe; ;64,5
aqueb :nimirumin ratione. dupla, & ¢pro- baodfy,
lﬂdg quemque minorem metiri majorem per ali ©'%9-
quémex illis, 2 Omnes igitur funt pariter pa- g 8.afy.
1. Sed quoniam A primus eft; enullus exera €13.9..

fos corumy a]iqﬁem metietur. Ergo pariter pares
funt tanegm, Q.E.D. o

] © P'Ror XXBIIL

A3, Byug. . ¢ . Sinumbrus A dimidlum B

D... E-.' babeat imparem, A pariter im-
Y pareft tantum. i .
* Quoniam impar numerus B's metituc A per2

Parem, b eft B pariter impar.  Dic etiam pariter ‘b g4t
Parem, ¢ ergo eumn ‘pat. aliquis D per 'paren)E 391‘{ ."l )
metitur. ynde 2 Bd — A d==D E.¢'quare 2. eig.7.
: ’ ’ E:
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S6ief 7

g0.def 7.

ar.ift

. EVCLIDIS Elementorum

E:: D.B. ergo ut2fmetitur paremE, g ficD
par imparem B-metitur, QUFZN: ‘

Procvr' XXXTV.

A,z4. . Sip-;rnu»ém& >. meque & binavio
duplus (it neque dimidiam habeat impar
vems.pariter par eft, & paviser impar,

Liquer Actie pariter parem ;. quiadimidium -
imparemnon habet. Quiavera {1.A bifarietur,
& rarfus ejus dimigdina, & hoc femper fiat, tan-
dem incidemus in aliquem ¢ imparem (quia
non inbinarium , quoniam A 3 binario duplus
nou ponitur) is mettetur A per parem nitmerunt

e p,:,,_g {uam b alias ipfe' A impar effet, contra Hypoth.)

BG+C :: 3G A

ergo A eft etiam patiterimpar, Q,E. D.
PRropr XXXV.

Acioirer 80
4 8 B ,
‘B Fognnn G 120 o
C. cvevieineennns 180
g 6 . 4 8 '
Doy Hue LK o N276

. Sifint quotcungpe numeri 'déinteﬂs Pro}iorfion:d_t{
A,B6,C, D N, detrabantur autem F ijé: 4
cundo, ¢» K N ab ultimo,equales ipff primo A; eri
ut fecundi exceffiis B F ad primum A , iia ultimi
exceffus DK ad-omnes A, BG ,,C ipfum 4n;ecedm-
tes. -

Ex DN déma NL—=BG, & NH=C.

Quonism DN, €, (HN) «::HN. BG.
(L N)s::LN. (BG)A. (KN b eric d-
videndo ubjgue, D.Hs HIN:: HL. L Ni: LK.
KN.c quare DK. C.— BG.—+ A :: LK (¢ BF.)
KN. (a.) QED. -

. Caroll.
Hinc ecompopendo , PN — BG—+C. A+

Propr
~ I




Liber IX. 189
Propr XXXVI,
[ A,z By4. C, 8. D, 16.
. E,31.G,62. H,124. L, 248. F,496. -
f[ M, 31 N, 465.
I Paa-- QT_' - ) .
| 8 abumitate-quotcungue numeri 15 A, B.C, D,
| deinceps-exponantur sndupla proportione,quoad totus
tompofitus E fiat primus,co- totus bic E in ultimuns
D mulsiplicarus faciar aliquem F ; faftus F eriz
perfetdus. R N
Sume totidedny E, G, H, L etiamin propor~
tione dupla rontimuk 5 ergo 2ex 2quo A. D +; atqs.
ELbergo ALz=REc—F. dergol = R 97
I : - .
quare E, G, 7, L, F funt 2} in ratione dupla A
SitG-E=M, % ¥~ B=N. tideo M..E #; ¢3¢.9.
NE4+G+H+YL.FaaM=—Eg ergo N—= “;"‘"-
E4+ G H—+ L emoF = 1+ B it
€C+D+E-+G+H4L=E+N .
Quinetism quia' D kmwevitur. DE (F,) ? etiam
hiogdliz, A,'By C.wmmeientes D, » nec non-E3 | .7;,.;:1'.
G, B, L metiuatur F. Porro nudtus alius eup- m1s.9.
dem F revicur. Nooyd.akiquis; fir Dyqui metia- ,
tar F‘par Q\.;‘uﬂtge P Q': E—=—DE. ¢ CIE0 myg.exy.
E Q:: 2. D. ergo tam - A primus numerus © 9.7
metiatur P, & » projade aullus wlius P eundem .
metiatur, 4 confequenter E non nietitur Q. qua- 5;: 3&{.1. ’
recum E primus pepatur ; *idem ad Qpnmus
eit.fergo B & Q in foaratione minimi funt , £3°J:
&tpropterca E ipfum T ac Q ipfum D =quecai?.
mettantur. @ ergo Q_¢ft aliquis ipforum A, B.C.
Sit igitur B; ergo cum ex Zquo fit B. D B.H;
*ideoque BH=DE=F ==PQ,_~adeoque , -
QB:: H. P.y erit H==D. ergo P elt ‘eriam y1q, f.
aliquis ipforam A, B> C, &¢. contra Hyporhs
ergo nullus alius prater numeros praediftos eun-
em F metictur ; ¢ proinde F eft numerus'perfe- 13- defS.
s, Q.E. D. : o
i 1 . N . ’ L 1 &

a7
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L‘I B. ..,'Xsi .
. -Definitiones. .‘
) ?‘ et .,.Oﬂixnenfuraﬁiles'magniﬁxdiues di‘-

cuntur , quas eadem menfura meti-
el - tur. . N

1 Commenfurabilitatis nota eft Tyt
D AT B; boc eft ;\inea A3 pedum
4 commenfurabilis eff linee B 13 pedum ;
quia D linea unius pedis fngulas A &
: Bmetitur.. Item 4/ 18 XL 4/ g0;5quis
IA "o/ 2 fingilas o/ 18, & &/ S0 metitar.
. ¥ Y Nam /B =y 9= 3. &V
s 3 . =25 =35. gquare.s/ 18. 4/ 50
10305, - ceea o
T -~ 11 . Incommenfurabiles- autem
" funt, quorum nullam communem menfuram

. contingtt reperiri. . .
Incommenfuvabilitas fignificatur notd “TL..ary/6
"L/ 25 (55 ) boc eft/ Sincommenfurabilis et
numero 5 , vel magnitudini hoo numero defignate ;
guia batum nulla eff communis menfura> utpoftea

patebit, C :

. . 111 Re&alinex potentia commenfurabiles
-f;‘::t > cum quadrata earum idem fpatium meti- -




T 39t |

19t |
l a -, tia commenfirabilis eft lince
B C.D, gue exprimitur per V4
l C—P " 20. quie fpatium E unius pe-
‘ adl © dis  quadvati wmetityr tam
D ABq (36) quam reétangu-
*

Hujufee commenfurabilitatis | I
notd eft '-,ut AB - CD; ‘ ’
h‘e.linga_?;? fex ped_u?n—patm- ‘ E

}

U R

e

-

. lum XY (20,) cxi equale eff
T 4 quadratum linee CD(4/20.)
. Eadem nota nonnunguan
y- valet “pptentia tantm com-
-5 menfurabilis. ‘
-1V. Incoinmenfurabiles vero potentia , cum
quadratis earm pullum fpatiurh, quod fit com-
munis eoturn menfura, contingie reperiri.
Rijufmodi incommenfurabilitas denotatur fic 3
$' T oy 8; hoc eft numeri vel linee §, . vy/ 8
fund incommen/furabiles porentia 5 quia barum qua- .
drtta g, & 4/ 8 funt incommenfurabilia. - R
V. Quz cum ita fint, manifeltum eft cuicun- -
quereltx propofite, reftas lineas multitudine’
iofinitas, & commen(urabiles effe, & incommen~
furabiles; alias quiclem longitiidine & potentia,
lias yero potentia folum, ~ Vocetur autem pro-
polita rea linea Rationalis. RN .
. Rjusnoraefty. .. )
V1. Ethuic commenfurabiles , five longita-
dine & potentia, five potentia tantum, Rationa-
3P B
! VIL Huic vero.incommenfurabiles Irratio-
" nales.vocentur.. ’ ‘
Ha fic denotantur § .
- VITI. Et quadratum  quod i propofita re-
8a fit, dicatur Rationiale . .

1%, Et huic commenfurabilia, quidem Ra-
Moalia fa.

‘

, X. Hui¢




19 BV L LI DTS ERmMERTorim .
_ X. Huic vero incommenfurabilia , Trrationa-
Ita'dicantas, §. .
XI. H; reltz, qux ipfa poffunt, Irrationa-
;cs, ’. : . .
Schol. .
B vt poftreme 7

definitiones  ex-

' . 7 " emplo aligno ills-
//Ti . fwentur 5 [ cir-
. ) . culus ADBP,

cufus femidiame-

ter CB ;5 buicine

feribantur larera

fignravum  ordi-

. mmruu:i 3 Hexa-

oni quident BP 5
L P %‘riaZuliAl’:'

Quadrati BD, pentagoni ¥ D.Iraque [f juxta 5 de-

fin fewi8ameter CB [it Rationalis expoffea numero

. 2.cxpreff@ ; ¢ veligne BP, AP, BD , FD compe-

: 6'7"'|I’ 4 yande fun,® @it BP 3 — BC = 1. quare BP ef!

71 ¢ B Gorjuxts 6. def. Ttem APV=4/12

("4{" ABq (16) - BPq (4) — 12) quare AP

eftf - B Q, etiam juxta 6. def. arque APq

(32) it jv  per def. 9. Porro-B Db = 4/ DCq

~+BCq =4/ 8;unde BD eft y “g- BC;& BDgq

' - ¢ Demgue, FDg =10 — ¢/ 25 (st parebit ex
praxi ad ¥o. 13. tradenda) erit gy, juxta 10 6¢f-

& proinde FD — 4/ 10 — o/ 2o eftf, gusta il

. defin, .
: Poftulatum,
Oftuletur; quamlibet magnitudinem toties

pofle muhiplicari , donec quamlibet magat
(udmem.ejlﬂc{*m geveris'excedat. ’

it
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“Axiomatd. '

1.\]Agritudo quotcunque magnitudines me-
tiens ; compofitam quoque ex ipfis meti-
tur. . ; : '
t. Magnitudo quameunque: magnitudineny
metiens,metitus quaque omnem magitudinem
quam ifla meritur. - : o
3. Magnitudo metiens totam magnitpdinens
& ablatam; metitur & reliquam. Ty

A

L

Prop L' [
. Kl -Dugbus nitndinibus ivegualibus

\ 3 FAzB, Cpn;}gm s flamajore AB anfe-
16/ rasnr majus quam dimidium (AH) &8¢
AN ab eo (HB) quodrelignum eft, rurfus de-
trabatur majus quam dimidium (H1,)
jﬁ,c'rhoc fempertfist § velinquetur tandexs

.

quadam magpitudo 1B , que minor erit

propoffta miinore magnitudine C.

D & Aécipe C tosies > donec ejus multi= 3pof10,

plex DE proxime excedat AR ; fineque -

DF=RG = GE=z C. DemeexAB plaf~ .

&m.n dimidium-AH, & 3 reliquo HB plufquam.
midium H1;& {ic deinceps, donec partesAH,

HLIB zque mult fint partibus PF, FG, GE.
amliquet FE,quz nop minor et quam 1D E,

Wajorem ¢ffe quam HB, quaminoreft * quam

\ +AB™JD E. Parirerque G E qua non miinor

! thquam ! FE , major eft.quam 1B ~3:HB. er ¢

2C,vl*GE in.f Q.E.D. ? :

Idémdemonfteabitdr , G ex AB auferatur di- .
* midiumy AH, & ex reliquo HB rurfus dimidium
+ Bl &ita-deinceps. : .

i N ' BRoF
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210,
‘ byp.

c1ix.i0.
dj.ex.10,

2. 10,

b eonfly,

Ct e¥10, .

diax 0,

© metiens AB, & CD,e metitur CE.» & f relignam

elax M0,
£ hex,10,

" GB™J E.ergo E bmetiens AB, ¢ ideoque, CF>

major minorem. Q, E, A.

EV CL I DIS Elententerum .

-PR.oOP 1L
D Si duabaus magnisudinibus inequalibus -
propofitis (AB , CD) detrahatur “fesper
[ wmiher AB'de majore CD 5. alserna gua-
dam detratfione , & relignaminime pre-
cedentem  mesiatur ; incommenfurabiles
erunt ip e magnitudines. - - | -
«= Si fieri potelt , fit aliqua E.commu-
-nis menfura. Quopiam igicur A B de-

linquit aliquam F D fe minorem, &
A S FD ex A Beelinquit GB, & fic dein-
ceps , ¢ tandem relinguetur aliqua

b & totam CD ; 4 erian reliquam FD; metirur,,

trafta ex.CD,) quoties fieri potel., re- |

¢proinde & AG; 4 erga® reliquam GB , § ipfa 2?

rabilibus datis, AB, CD, m@xgnam
earum.communens menfuram F B re-
perire. v Y

Deme A BexC D', &reliquum
EDex AB,&FBexED, donec .

et; aquiz per Hyp.AB 1. CD) erit

FB quafita. .

* Nam‘FB b metitur ED ; ¢ ideoque

ipfam AF; fed & feipfam , " 4 -ergo
.o etiam AB, & ¢ propterea CE,da-

deoque & toram C D.: Proinde F B communis

nemquaq; efle menfaram; hac majorem;ergo G

~
~eft menfura &P[arum AB, CD.: Dic G commu-. ;
f
a

ED,eideoque A F> & f; proinde reliquam F B, *

P

4
FB metiarur ED ; (quod tandem fi- 3,

minorem.- Q. E. A. e k
R T . &
. Prop IIL . S %

Duabus magnisadinibus commenfu-

corodl- %
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coroll. ' ] !

Hinc , magnirudo metiens duas magpitudi- . - 3
nes , metitur & maximam earum  menfuram

ommunem. - , \ o
‘Prop IV - U _
A e .
T G —~B____ F—

Trilus magnitudinibus commenfurabilibus dgtis
A, C; maximam eavum menfuram communem
menive. . R : o
., YInveni D maximam communem menfuram a 3,10,
dwrum quarameunque A, B ; « item E ipfarum

& C maximam comimunem sienfuram 5 exit

quafia, | ] .

*Nam perfpicuum eft E metiens D &Cb y 0
, Detiritres A, B, C. Puta aliamyFhac majotem z.exa0.
| eifdem metiry, 2 ergo F ntetitue D 5¢ proinde & cuor.gua.

! Bipforum D, C maximam communem menfir- ‘.

tm, major midorem. Q. BEA:: - ¢, L

€97"0”0 . :

Hinc quoque, magpitudo metiens tres magni-

{ tudines, metitur' quoque’miximain earum com<
|, inem menfuram, i

L PiRon v

: D.4. .. . Commenfura-
g . Byn. o biles mmagnitu., =
~ E.3.. . dines A,Binger

ferasionem babent, quam numerns ad mumerum

sInventa€ ipfarum A, B maxima communi s, 10.

" Meafura; quoties Cin A & B , totes I conti-" - ‘
Yaturin numeris D & E. bergo C. A 1.D; vaoaf
fhare igverte A. C 5 D. & batqui etiam

2

B

“

fa's
s
|
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C 855,

- .

a fik.10.6,
b{mﬁr

S

esaxy, -

{20.d .7.

EVCLT DIS Elementorum

B:r. E cergoexzquahA B::D.E:

N.N. Q.E.D

, l‘ ® o P. VI., it

'E F.r.  Si due ma-
A C.4. gnitudines A,B
B +t i3 unter fepropir-

tionem babeant, quam uumerus C ad numetwm D3
commenfurabiles erunt pagnitudines A, I B :

Qualis pars eﬁ 1 numeri G, 4. talis_fiat E ip- ;

s A. onjam itur E, A b:: 1. C. dtgue |
ABc'-% D3 d'égxaéuoeﬁtﬁ B,, :

érgo-quum 1-¢ mietiatur numefuth 5 .euam
E metitur B; fed &: lpfum Agme”mr b grgo‘
1, A”B. B Qr‘ .

Jn ."'olr V‘x'u/ ,‘ . -;_,'; 3

3\ v—ﬁ*—s—’mwrrr—‘— Imwwfﬁfmh/“ L
u-, : magnituding A Bin-
wmramwm rywbabﬂt# N qw'v"m“‘ o
gx”mo , P, o
¢ '9, Dic A. B .,,NFN. ae@gh“ﬂ.n, contra

P

A%, 10,

Hypoth.

Coegeevin
§i due magmmdm;
B Az Bgnter fe ‘hroporm- i

nem non habeant, quam numerss ad numerum 5 -
i tommenﬁcrabz(e: erant magmtudinef
' Pata A'T;.B . ergpA B: N N, COD"‘ 4
‘Hy‘m!b. o )




‘ ,-....-s---—-. gy d réstis lineis longitn- .

S Liber X
.. Prop. IX."

;T"_‘—‘, dine commenfurabilibus Gane
. nem habent, ..quam  quadratus
" wmerus ad gaadrdtnm  mwmerkmy; e~ quadrdralim

.. 10 proportionem hibentias - quams quadraths hugnes

wsed guydratum numersw, - laters babebnme

Ingitudene roommenfurabilia,« Qua ‘vero & veftis
| litisbowgirndine incommenfurabilibus funt qugdra-
*| 1> inter fe propartionem mon hakunty guam gradsa-

Wsnimerys ad quadratum fiumerum : € quadrata
inter [e prportioré #on habetin, quam quadratis

o| Homeris el Qandracnms wumernm; neqy ldrevn habe-

bt lngividing eommenfuvabilin. . 0
I Hyp. A, TLB. Dico Aq. By: QQ
\ Nai & fie A, B +: b, B. num. E.ergo
_90{.'-““;‘.__3. \..’.rtd.___‘?_t‘lc' iion K.
10 8¢ Fg'n Q. Q. QB D. S
L Hyp. Age B%%qliq 1t Q. Qy Dico. A

i A : A — Eqh__'E
| 3 B Nam g bis: (fﬁg = ¥qg Fgbp
‘Sls.iergo AH: _Eo Fis ' N Nk quare AD . .8

TBQ.E.D. LT
3 Hyp. A*T1 B. Negoefle Aq.Bq: Q. Q.
1 Nam dic Aq.Bg :: Q. &Elgo A T B, ut
{ W0 oftenfom eft, contra Hypoth: .- ¢
{4 Hyp. Noa Aq. By »Qi Qe Dico AT

BNmputa AT B;ergo Aq. By Q. Quut
- szl

- Wodo diximus, contra Hypetth:.

ot

B Sl .
' govalbi s TR

' Litez 1 (unt stiam TF-sat _noncontra.écd

liez 0 nop fuit idcirco "G, Linew yero -
. funt griq i =N T s

Ry o 7‘qu¢dr¢ta,.- inter. . fe proporsio-.

Cngy

e, 5.

PN




o™ . v
. 3198 EVCLIDI.S. Elementorum
: CT PRrRoOP X.d‘,‘ B
Si_quatuor magnitudines proportis. '
: nales ;i«erim‘ (C.g& :B. Df) ]}rim :
« vero C fecunde A fuevit commenfu-
BN .| vabilis ; & teviia B quarte D commen-
RS ‘ I Jurabilis evit. Et [ prima C fecunde _
‘ ‘ A fuerit intommenfurabilis, & tertia B
K 1 | qudrié D incommenfurabilis erit, .
o ABD SiCTLA,sideoeritC. AuN.
ag.t0, Nb#B. D.bergo 8- D. SinC |
r e “T-A,ergocnon erit C.A i N.N:B.D.
480, ~dquare B'Q-D."Q.E.D. = i
L LEMMA 1.
" \,.Dwos numeros planos invenire., qui proportionem !
* mon habeant , quam quadratus nimerys 48 quadre- -
o numerdm. e -
. HuicLemmati facisfacient duo .quilibet nu-
* meri plani norf¥miles , quales funt sumeri ha-
» "bentes proportionem fuperparticularem s vel fu-
" perbipartientem, vel duplams vel etiam duo qui- |

" yis numgn primi. vid.Schol,27. 8. - .. ,
S LEMMu 2l |
TR Lk MM ¥ oo '
,‘ K.KGPﬁM
P SR B:5,Ch 3

TN o H E‘P PR .

Tnvenivelineam HR 5 ad quam data veBia lineds.

- KM fit in vasione dasorum numerornoi B, C. - |
afib.108. % ¢'Divide K M in pattes zquales zque m_ultas %
unitatibus numeri B. harum tot » quot dnitates

—————

bt funtin numero C , 4 componant retam HR-;,
® liquet efle KM. HR':: .B.C. : Y
R CLEMMA 3. % Y

~} Invenive lineams D, ad cujus quadratum dard ree's
& K M quadrasum fis in ratione datoram numere-
rum B, Q. . 4
LAMLS I R, R C Fac

J—




T
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FacB.CsuKM. HR. ac inter KM , &ulm:o,

-HR binveni mediam proportionalem D. Ent &
Kifg: Dgc:: KM. HR dg: B. C. Gl XY

© deonftr,
Pro r.‘.Xl. ‘e,

Biao.  Propofite reﬂ'¢ I/
E-—————  C.16.. nee A invenire duas
R veflas lineas incom-
menfurabiles ; alteram quidem D longitudine tan-
tum, alteram vero . etiam potentia.

1. $ume numesos B,C @ ita ut non fit B. C

18 az lem10,

QQ.b fiatque B. C :3Aq. Dq. cliquet AT 10, .
D%dA 21:_[).1 Q? pq " b;lnnw.

2 dFacA E :: E.D. Dico Aq"ELE
Nam A.D e:: Aq. Eq ergo cum A‘TJ,-D > 46 %
utpuus,fentAq"EL Eq. QE.F. i m’»G.
ﬁmt commenfurabzles » &ninter fe funt
commenfurabiles. -
+Quia AT C:&C‘ELB, sfit A. ag o,
F,2.G3 G. b fumantur ftres nu-
Hy5.L,4.Ks6. 1meri H, 1, K minimi
m rationibns D ad E, & F rad G. Iam
NeergoA‘l:LB QED.' . . . S
Schol, . ’
Hinc , omnis refta linea racmnaﬁ finez’

. f10,00.
5 Pror XIL
)
: C: N. N: D B at
QuiaA.C ;:+D.Ec:: H.d. ac.C.B¢:iF.G. S eonfir,
ommenfurabilis 5 eft quoque racionalis. Et ':!I‘o

me (A, B) cidem mgmmdm: C
IIDISES quep,..NN JF.
{
BC
e L XK. derit ex azquahAB HK..N dasg. .

* omnes rgfte rationales tnter. fe commgnfurabn*

- tionale 5 & omuia fpatia rationalia inter ¢ com-

I fuirt, faltem potentia. Ttein, omne fpatium -

ratiopali fpatio commenfurabile , eft quogue ra- o

N 2 . mf.ﬂ“




200  EVCLIDIS Elementorum

menfurabilia fune. Magnitudises veto 5 quarum
altera eft rationalis; altera irrationalis , funt is-
ter fe incommenfutabgles. : :

. )
e- PR o P XIIL

A7 &0,

< "B ; ¢ alteva quidam A eidem
R —— C [it commenfurabilis > altera
utro B incommenfurabilis; incommenfurabiles erunt
magnitudines A, B. - - . .
abp. L DicB-TL A. ergoctimC# T A » betk C
baa,w. . 8- B, contra Hypoth. - :
e Pro¥P XIV.

bils A , B ; altera atem ipfarnm
A magnitndini cuipiam.C incommenfura-
l bi!i:fim‘:,- & reliqua B eidem C incom-

R |
S
. menfurabilis.erit.
} Puta B3 C. ergé cum AT-4B,
A B € perit A 1L C; contra Hyp-

TEoqe .. I .pIOP, XV..{

3

‘D 310,

A - Si quarnor. yéta li-
Biriss i is o nee proporciondles fue-
s, Cm—eoceea yint-(K. B::C. D5 )
Do primavero A tanto plus

,pbj'n“'t qeam fecanda B y quansum eft qmdn’uum e-

" A -—'—--——-ﬂ—u— Si font duamagnitudines Ay

) I Sk fine due magnitudines commenfimge.

v e linee 5 cotpienforabibic lingitudine;¢y tertia”"

1 G tanmo pins poverdt . quam quarta D , quansans

" et quadratum yelta I,&Zp ﬁbiqlopgﬁtdimzommﬂ"
Jurabilis. gupd’ (i prima A tanto plus pofsis qrem

Secundu B | quantum eft. quadratum velte hinee

o i incommenfurabilis longitudine; & tertia C tas-
_“to.plus poterit,quam guarta Dsyquantum eft quadré-

tugs reB e linee fibi lmgisadine incommenfurabilis.

‘b'ﬁ'.s. -Nam'quia A. B «.i: C. D, pericAg Bg::
w5, < -Cqu D¢ 6rgo. dividendo Aq ~Bq, By 1: ch*
RS o - q-

- it
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1+ Dq.Dq.dfuarey” : Aq— By B::y/:Cq— Dq. 3106
v 19.q ¢ inqvergndo wgitur B4/ ¢t Ay~ Bq:: D, ¢/; ;:f;‘f
Cq=Dq. fergoex zquali A. ¢/: Aq~Bq:
C.y/:{q =Dqproinde i AT, vel ‘"B ¢/
Aq~ By, g erit Hmiiliter C T, vel T 4/ 2 g104%
| €q=Dy. Q. E.D. :

Pror XVL. .

A i 8i dne magnitadi-
Bl cntr commenfurabiles
D . -A B, B C componan-
. © o tar 5 b tota ‘magni.-
twdo AC utvique ipfarum AB, BC comrﬂmﬁ:ra%ili:
tritsYyiod 7 tota magnitudo A€ ol ipfarum AB,
|| VIBC commenfurabilis fuerit ; © que ‘& princi:
Yiomagnitudines AB, BC commenfurabiles evunt. -
t.Hyp. oSt Dipfarumi AB , BG commtunis 4, 0.
Meafura, & ergo D metitur A C. cergo ACTL buss.0g,
AB,&BG. Q.E.D. , L e
3 Hyp. 4 8it D communis thenfura ipfarum
AC,AR; dergo D metitui AC—~AB (BC3) g, axae.
‘proiade AB “TL BC. Q. E.D. '

Coroll.

Hinc etiam , fi tota magnitudo ex: duabus
@mpcfita, commenfurabilis fit alteri ipfarum ,
tadem & teliqua commenfurabilis erjt.

Prop XVIL

sl SSi dna_ mapnitndine in’:
A © B 'C commenfurabiles AB,BC
D o compinakivur sy t8ta magni-

tudo AC urrigue ipfarum A B, BC intommienfura=
bilis erjy Quod [ tota magnitudo i C uni ipfa-.
" AB kucommenfurabilis fuérit 5 & que a pgin-
tipto mighitudines B, B G incommen wrabiles
©oerapt, - . o . -

_ ) : . v xv.‘H_y}»i-
L: ,
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23 ex.0,
bf 0.

c16, 10,

’

I\

1. Hyp. Si fieri. potelt , {it D ipfarum AC,
AB communis menfura. ‘s ergo D metitar
AC— AB (BC.) bergo ABT1BC , contra

" Hypoth. 1t . Sy
e 2. Hyp. Dic ABT-BC. cergo AC T
AB, confra Hypoth. o :
Coroll.

. Hinc etiam, fi tota magnitudo ex dusbus
compofita,incommenfurabilis fit alteri ipfarum,
eadem & reliqua incommenturabilis eris.

PRopr XVHI
' i fuerint
due relte’ li-

neg imcqualc:
. AB, GK;
~quarie autem

- - B arii. quadra: -
T F G D i, g
G——-—_—{-—————K minovi G K 5
. H ‘qwlg }ural.
’ elogrammam

- ADBad majorem AB applicesur 5 deficiens fignra

quadrata, & in partes AD ; DB longisudine com-
mienfurabiles ipfam dividat 5 major A B tanto plus
poterit quam minor GK , quantum eff quadratum
reite linca F D ffbi longitudine commenfurabiiis.
Quod fmagor A B tanto plus pifsic , quam minoy
GK, 3uantum eft quadratum refte linee ¥ D 5

longitudine commenfurabilis® 5 quarre dutempartt

quadrati , quod fit d minoyi GK , equale paralle-

. logrammam A DB ad majorem A B applicetirs
deficiens figuta quadrata, inpartes AD, DB longt-

tudine commenfurabiles ipfum dividet.

s Bifeca GKin H; & fac retang. ADB—=
GHg: abfcinde AF == DB. Eftque ABqe—=
4ADB4(4GHq, vel GKq) ~+ FDq. Iam

. . primo

.

. EVCLIDIS Elementorum

]
I

4

o i ——
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primo, Si AD T DB, erit AB ¢~[1. DB Tl ¢16.10.

:DBf (AF~+ DB, vel AB— ED)gergobnfr, |

ABTLFD. Q.E.D. §infecundo> A B " besc16.10,

FD, herit ideo ABTL A B~ FD (2D B) o

« kergo AB TL DB. Jquare A DX D 3B.

QE. D. - i
"PRop XIX. | : .
B . Si fuebine
due refte li-

o

/ : nee inequa- .
R les AR, GK; .
| & \ | quarteantem :
— parti quadra-

IN .
' CFC D t, quodfir d
G,I N - K minore GK;_
X . H aquale  par-
N allelogram-
mim ADB' ad majorem AB applicetur, deﬁgcims fi-
w4 quadrata 5 & in partes incommenfurabiles
ongitudin€ AYY, DB., ipfam AB dividat 5 major
AB‘hmto blus poterit, qram minor GK , quantum
o quadyatum refte linee FD , fibi longitudine in-
Cemmenfurabilis, " Quod (i major A B tanto plus
, Woftits quams minor GK, quantum eft quadiasum ve-
&clinee F D [ebi dongitudine "inc'onlfmeilﬁcrabilis‘; K
quarte autems parti quadvati 5 qiod fit 3 minore
- GK, equale parallelogramnium ADB ad majorem:
ABapplicetur, deficiens figura quadrata; inparses”
longitudine incommenfurabiles AD, DB ipfam AB
dividee, ' . o
Faltapuray & dita eadem , qux inpreece-
denti, taque primo,Si AD "T1-DB s Bt pro- N 7.4
perea ABTL. DB 5 bquare AB'T-2® B
(AB— FD)cergo ABTLFD. Q.E. D\ comryre.
* Secundo, SIABEL-F D ; ¢ergo AB - du-to
AB ~FD(2DB;)dquare ABQ.D B> &
tproinde AD “T. DB. Q.E. D: A

ProP. .

€17, 10,
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204-  EVCLIDIS Elementorum

Propr XX
Qued fib remona-
“dibus longitndihe conn:
- wienifurabilibus refbis lie . .
neisBC ,C D, fecuns
dum aliguem pretitto-
rusm moddram., contine-
_tur reflangulum BD,
L rationaleefl.
agsr.  Exponatur A, p. &a defcribatur BE quadra-
b1 6 tumn ex B C. Quoniam DC. CE (BC) 5::
S, BD.BE. & DCc@1L BC ; dent reftang.
elyp &9. BD(T1. quigl.BE.ergo quum quad BE £ - Ag;
dd1o © ferit B ) EL Aq: proinde reflang. BD eftfy.
% QED. ., A
- Not: Tria [ust generd linearim vationaliom in-
ter fe commenfurabilium. Aut enim duaywm linea:
vam yafionalinm dongitudine inter fe commenfura-
bilipm altere equalis e]; expofite vationali;aus new-
sra vationaliexpofita squdlis eft, loggitndine tamen
e utraque cft comnienfurabilis; aut denique utrague
expofite vationali tow;menﬁwbilz’; eft folum poten-
sic. Hifunt modiillis quos jnnuts prefens theo-
rema. : e
- In outmeeds, fit BCia/ 8 (24/2) & €D, ¢/18 -
(3 v/ 25) erit teftang. BD==4/ 144 = 12. -
oo RArRop XXL . .
B B. .. .F.,  8rationale DB
BT e | ed rationalem D C
’ " applicesur ., lggitndi-
S T #em- GB eﬁcitbrré-
o s : sionalem , &r ¢
< ‘L} - G B Ga;{ .q,_m”, applicatum
... ¢ft DB, longitudine-commenfurabilem.
: ;;6- . -.Exponatur G; p. & defcribatur D A quadra-
¢ his.vo, M €x B C. quoniam BD. DA «::BC.CA;
bl T atque, BD DA funt pas ¢ idegque T3 ; derit

B taa Y

BC

|

-
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| fﬂC;U.(i/;l la)t. GDr(QA}G}Qﬂ;ﬁ‘j ‘£2g0 Bﬁ efeh, 18,10,
10 oumeris, fie re@®ang. DB, 12; & DG, ¢/ 8.
eﬂ:/CB;s{f.ﬁg’.atqui ¢ 187=3.4/ 2,8 4/ 8 =2
X L ' o 8 )
. LEMMA. ‘

A . ‘_Dués- reflgs yationales po-

Las tentia folums commenfurabiles

Ve ipolite .« Some BT Arofe C T

it Asexpelita 3. s Sigme B 2% C 1} B.

_b!'q,““'?_’& ;Cyﬂfcfplzﬁfi;%”‘i -9! bk o
o o oRRor XXIE |
X S e - : . .
’ Sy Rwed fub rhtipe s

£ D - F, “ _ malibus DC;CB

P i 1:1 potentig folum cop-

T IR 1\'»“, menfurabilibus vetis .- .

i A = L T H Uneis continetyr ve- -
: . T e Bq Bangulum D Bjir-
wasianaleéfl; e vebta lined VL ipfum posens, irsadion
nalis o0cecur antem Media, - 0 .
8t G- expofita f.. & defcribatyr D A quadeas -
tum ex DCS figque HqzeDB.- Quoniam AC. .
CBe:i PA, DB. b atque ACTL CB,;aritas 6 .
DALY, DB (Hg). darqui Gq T-DA.cer s 7
% HQT- Gq: f erge ﬁ et . Q.E. Dt ag-d brdo
ceturautem Media. quia AC.H:: H'CB. -+ & 90
. Innumeris, fit DC, 3 ;&%CB; 4/ 6. erit e~ € 11, 10,
~Gadgnluin DB (Hy) 4/ 54. quare H eftvy/ 54.
Mediz nota elt s Medii yero my; plyrali-
Aerpe D S LT
S Csemeris b
. Omue reftaggulum, quod poteft contineri
Aub xl,qab,uf: ‘:e&;"sﬂ;atiox?aﬁbmppdtemia_folum
‘Qmme.l)quqbilibm, eft Medium ; quamvis eog-
teatyr b duakys re@isdrrqtionalibug s f.?,’:ee

i o _ v




" 206 EVCLIDIS Elementorum

byp.

afeb 13100 QuoB
by ax 1 Wi%éc‘) @quale contento fub EF> & FG.

. v

omne Medium poteft contineri fub, dusbus relis
L*‘“Oﬂﬂlbus potentia tantum tommenfurabili-

us, ut exemp. gr. 4/ 24 eft u: quiacontinetut -,
fub 4/ 3,& 4/ 8, qui Tunt § G-. etfi poffet con:
tineri fub py/ 6, & v,/ 96 irationalibus; nam

v/ 94 = uy/ 5762=us/ 6 invy/ 96.
< predw XXML )
—p o Qe i
B - media 3
N G . yationalems l;,C
. , T applicatum » lati-
’ . oL tudinem CD ra-
: : sionalem effcit »
Bl KE F o o Blc’ ad
SpE . wam applicatim -
-eft BD longitudine incommnﬁtMZi_lm. : .

iam A eft s erfje Aq re@angulo ali-

$ ?. b ergo BD—EG. ¢ quare BC.EFuFG.
GD.dergo BCy. EFq:: FGq. CD3. fedBCq

£fh1n10. g EEqefunt fasfideoque “TI-§ €20 FGqT-

gl:.ll:.lo CD - e . . .
26 q- Ergoquum FGiit § perit CD/. Por
Flot 1o fo> quia EF..FGiu _spﬁ. EG (BD); ob
:'l:l.:{;w; EF'Q- FG, lerit EFq “g. BD. verum EFg

° l.,.6. N T = 8 CDq:" ergo reltang. BD "IJ_CDQ )
p .10, . qupmigitur CDy. BD o CD, BC. pert CcD
* _"Q-I}C-ergo,,&;.”;. A

s e P'R'OPXXIV. e l

‘c S Medie A
= iy - cOMMenfurabilis

__A B, mrd_iné. :

O Ad CDf
a1 6 - 1 s fac re@ang
- O J:0 7 | CE=Agie& -

. F o t re&ax(:ic')[i::
- (o077 R B4, Quoniam
53’.'.. -A-q (CE)'@ uv, b-& CD p',“c‘eir‘it l;tits%o-

L]
<
pm——
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 DE§ 1.CD. Quoniam vero CE,CFd:: 41 6.

. ED. DF & CE ¢ T-CF, ferit ED TL DF. § 7" .

- gergo DF eft § 'T- CD. »” ergo re@tang. CF gr2.&3

| (Bg)elt u. & proinde Bett p.. Q.E.D.: L°-“. R
Nota quod fignum T} plerumgque valer potens

U tistansum vowmenfurabile, ut in Zac demonfiratio.

| m oinpreced. o quod intellige, ut ex ufa evit,

¥ 4 ju?:ta citatione .

. Coroll.
Hinc liquet fpatinm medio fpatio coMmen(- *

« fabile medinm effe. oo

L LEMMa.

A i,

. Duas veltas medias A,, 7"

- B longitadipe commenfura-

- _ bilés 5 item duas A, C po-

tentia tantum commenfuvgbiles invenire. S,
+Sit A g quavisfume B TLA; 0% C T A, ¥ 076

B

[

. , X136
-1 4Faftum etie liquet. b Lo 1
. w0
: S B € 3.1emw 1
PRrRoOP., XXV. : zo?;?_ ‘
T N woagr.

. A Ouod fub jjc, CB me. B 10
i D E diis longitudine commenfura- -
* bilibaus reis lineis comtinetuy -
. vectangulum D B, medium

eft.
3 : \ Super D' C conftruatur
: B : I b quadiatum DA, Quoniam 8'v. 6
AC. (DC) CBa :: DA.DB. & DC - CB; b:-_ =
| beritDA 1. DB. ¢ergo DB eft . QE.D. "7 -

R
- .




208  EVLLIDLO EBlementorym 7
PRoOpP XXVL

p_IL

AN

A ¢ HKN
e " Quod fub- mediis potentia tantum commenfure: _
bilibus reétis lineis A B, BC consinetur yefbangu-
lum AC, vel rationgle eft, vel medium.
Super rectas AB, BC s defcribe quadrata AD;
246 v CE. geque ad FG p, b fac “ retangula FH=
beoni6.6. AD), b & IK==AC, «b & LM—CE. !
Quadrata. AD, CE, hoceft, té&augl;ﬂa FH, ,
LM cfunt wa, & "0 ; ergo eandem habentes
corXte fatiosen GH,KM funt 4§, & ¢ .. fego
e . GHKM eft fy.arqui quia AD, AC, CE
¢10.18 hoc eft FH, 1K, LM g {unt -3 & b proinde *
g% w5 GH, HK, KM etiam,& eric HKqg—GHx
Py £ KM;iergo HK eft §5vel 1L, vel‘D. IH
Y&S (GF)i i Duym ergo re@lang. IK vel AC:
mso. 10 eﬁ f', Sin "5__, ue;go ACef “r Q"E D,/ ~

mss. 10, A
e o LEMMA. v -

’ o Sih O

—t—y | LB\ E f T

A" E B B tantum s \I

Wk Erumt prime,AqEqAq+ EgAg— BT
:G’J-’o. Erunt /{C”’ldaa Aq,%:q,Aq-ﬁiq, Aq—Eq‘1,
b6 AE, &2 AE, Nam A.Eb;:Aq. AEb:: AEI\
§4r . "EgergocumA ‘T E. derit AQ T AE;¢& !
e l;". 19, 2 AE. ltef;l Eq 4. A E,t & z'A%_ ‘,‘quarc cum
Aq-+BqT- Aq & Bgs & Ag—Eq THA%: ;c
) td

e Lo N -
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Eq, ferune Aq+EQ f& Aq—Eq'TL AE, .& fig10.
2 AE. :

Hinc_erunt sertio, Aq, Eq Agq-+Eq,Aq—~Eg,
* AFCDAq—t Bq—+ 1A E;& Aq+Bq~ 2AE. 84,16, ¢
{XAq+Eq+ 2 AE "B Aq-+ Eq— 1 AE. &46.
. ‘(Q_A"" E) . . hnr.plo.

Pror XXVIIL

C. . .B Medium AB non .
J;:*—ﬁ Superas medium AC /
. , ) , rationali DB. ) .

Kb Y AdEF ¢, afae acor.16.6,
X : -BG=ABs&EH '
.= AG Reflan- ‘
gulaAg, AG, hoc ’

¥ e, EG,EH bfunt b Le
F #e,cergo FG , & ston

L . FH funt¢' - EF.

© MquefiKG, didept DBfit (g, ¢ erit HG L dj.ext.

* HKifquare G - FH

" A rigergo EG "U_FHq_ € 12,10,
. rHete beigo FG el%oﬁ'. vqerum prius g o6 o0,
@t FG g’ Qua repugaany, A any

SCIiaL,

| F B W 1 Rationale AE fuperar .

rationale AD rationgls CE. .
i . Nam AEs O AD s:m,’f.ﬁ(
) \ Cl’go AET1 CE, ¢ quare b cor.a6 o,
. CEeftpy- Q.E. D, 1 cfeb.1s. 20

E & Rationale AD cum rg} v
tionali C F facit rationale

" Nam AD 1L CF; .
4 bquare AF 1. AQ , & iﬁ-‘s'.';'. 3
CF. ;proinds A F eft 'y~ cfrhizid

Q. ProP.
R A S
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alemit. 10,

b13.6
c 1.6,
4 s32.10, .
e conft.
fo.10. -

. g4 0.,
ﬁl‘7 6.
b feh.12.10.

EVCLIDIS Elementorums 1
Pror XXVIIL

. Medias inpenire (C, & D) ‘que re-
" tionaje CD contineant. .

\ 1 eSameA, &Bp‘q. bfacA.C:: -
} +C. B catqueAB C.D. Dico -
i } pa2@um. Nam AB(Cq) deft @ i

‘ | | 4undeCeft . quum vero A.Be
‘ \ C. D, ferit C - D. gerooDeﬁy.
ACB Doorro permutando A.C:: 7B.D.e hoc
.BuB.D. hergqu_CD
atqutBlee[};y bergo CDeftpy. QEF. .
In numéris, it A; 4/ 2 & B,y/ 6. ergo ‘Cett !
vy 12 fac‘/z W/ 6 vy 1 D.veluy/ 4.0y !
362 yg/ 12.D.erit D) vg/ 108. atquivy/ 128

"vy/ 108==yy/ 1106==y/36==6-¢120 CD elt 6 :

_item C. D--xV; quare Cg-D. -

aiem2t. w
br3.6.
ci12.6.
dw. 6
e12. 10,
feonfir.
g10.70.
Mg no
& eonfir. &
ecor.
l|6‘ >
m313.6,

ADB
~ghoceft D.A:: C. E.fergo DE=AC. Sed

. go  DE=4/y/ 1024000000—.‘/3 3000. &D- E

PRroOFP xx1x,'
. |

Medza: m'vemn pomum tastun
‘ commm]hralulﬂ' D,z Es quc medi-
v #m DE<contingant. l-‘ 5
i s Sume A, B,C acA ;
3 t |52 D.B c&B.C P-g- Dmo .
faéium
{ . Nam AB4=Dq& ABeet g
C EergoDe(lM &Bf €. ger20
E. b ergoEett . porros |
B.Cf: DE,écpenlut:mdoBD C.E.'

ACmeft py. etéo DEeftuy. QE.D.
Zn nurperis. ﬁt.A,zo,&,B,‘/ 2005% Cyy/ So-
Ergo D eft 4/4/ 80000 ; & E vy/ 12800 Er-

1ty 1o, 3. quareD’la_

Schol.

I
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- Liber X 2tx .
a SCHOL ’ i
g: 8" . dnvenive dios numetos plas’ ’
54 l‘_;E © nos fimiles vel difsimiles. . }
A24. CD,g6. . Sume’ quofcunque quatu- :
Aé or numeros proportidnales, .
g G5y - AB:CoD. liquet AB & | .
24 D, 8.°  CD effe imiles planos.Pla- ;
48,24. . €D 40. . nos autem diffimiles quot-
' cupque reperies ope {cholit
. i 27. 8,
LEMMG4,
o TN ;
B . 5
g B - i I
v / . {1 ,' 1 » :
/’ ‘ | ’) :“ ) K
y\——

e L F C D- . B -
1. 1 Duos numerds quadvatos {DEq & CDqY .
o Weentre y ita it compofitus éx ipfis (CEq) quadra-
s etiam it . L
Sume AD, DB numeros planos fimtiles (quo-
timambo pares finc , vel ambgp impares) ntmi--
© UmAD, 24. & DB, 6. Horum fumma, (AB) . :
. %30 ; differentia (F D) 18 , cujus femiffis ., . P
{CD)eft 9. & Habent vero plani fimilés A D, b -
Bunum medium pumerum proporcionalem, © ' - :
tempe D'E. patec igitur fingulos numeros. CE, . - '
' D, DE rationales effe ; proinde CEq (b CDq bgr. v o
g "'DEﬁ]) cft numerus quadratus requifitus. - T
. Facileitaque invenientur duo numeri quadra- o i
© " quorum exceflus fit quadratus , vel noi qua- a
fatus numerus. nempe ex eadem canftruétione,
st CRq~ CDg=DEq. L
Quod {1 A D, 1) B fint numexi plani diffimi-
sl Q2 les

!

e

c3an. i

R
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EVCLIDIS Elementorum
les ; non erit media proportionalis (DE) mw-
meras rationalis ; proinde quadratorum CEq,
CDgq excellus (DEq) non erit numerus qua:

. - dratus.

2 24.8.
beor2g 8.

14 9,
b 21.d¢; 2
€16, z

LEMMA .

2. Duos numeyos guadratos B, C invenire , its
ut compofitus ex ipfie D , non fit quadrazys. items
quadratum namerum A dividere ‘in Wnos namercs
B; C non quadratos.: - »

"A,3. B,g. C, 36 Dy 45.
1. Sume pumerum quemliber quadratum B,
fitque C==4B; & D==B~+C. Dico faltum. -
Nam Beft Q. ex c®nftr. item quiaB.C:

1.4 :: Q. Q. # erit Cetiam quadratus.Sed quo<

niam B+ C. (D) C:: 5.4:: non Q. Q buon
erit D numerus quadratds. Q.E. F.

' .

A;36. B,24. Cy12. D,3. E,2. Fo 1.

‘24 $it A numetus quivis guadratus, Accipe

. D, E; F numeros planos diffimiles , fitque

D:=E—+F, fac D. E :: A.B. &D.F:: A.C.
Dico faGum. :

Nam quia D.E<-F :: A.B~+C.& D=E—+F,
aerit A =B+ C. Iam dic B quadratum effe.
beigo A & B, &< proinde D & E, funt i
mert plani fimiles , contra Hypoth. idem ab-
J;.ltdum fequetar ,- 1 € dicatur quadratus. ergos

.. : .

hl

Prob




. Lthr ) X. 21 ;'
Pror XXX g

Invenire duds ratio-

2 nates AB » AT poten-

tia tantum commenfura-

biles , ita st major A B

plus pofsit 5 quam wminor

LAF, quadram rette linee

C..E...D B F longitudine fthi com-

. menfuvabilis. .
Exponatur AB, ¢°. s Sume CD,CE numeros , , om. 19
quadratos , jra ut CD— CE (ED) fit non Qy ro. -
4Fiatque CD. ED ::'ABq. AFq. In circulp S2lem1o:
fuper AB diametrum defcripto captetur A F> cug.

ducaturque BE. Sunt AB; A¥, qt;):s petis. .
Nam ABq. AFqd:: CD.ED. cergo AB
T AFq. v%gum A.'g elt p'.fergo AF eﬁ‘;'- fej b
iaCD eft Q;at ED non Q:gerit A BT (2.0,
AFR.porro , obang, b ¢eflum. AFB, eft ABgq .‘.‘,9.;°
k=AFq—+ BFq ; cum igitur ABq. AFqi:dar b
CD. ED. per converfionem rationis, eric ABq. > '™
. BFq:CD.CE:-Q.Q.tergo AB T BE.Q E.F.
1 1nnumeris ; fic AB, 6; CD, 9, CE, 4; quate  /
ED,§. Facg. s i3 36. (Q: 6) AFq- erit AFq
wo.proinde AF 4/ 20. ergo BFq == 36 =20 ==
16. quare BF eft 4. :
_ ' PrRoe XXXL .
( - Invenive duas va- -
o : tionales AB ,» AF po-
F enia tantum  com-
menfurabiles , ita ut
major A-B plus pofsit,
A B quam minor AF, qua-
‘ ~ - drato refte line« BF
€. E..D- [3bi longitudine incom-
menfurabilis.
. Exponatur AB,»°. 5 accipe ntimeros CE,ED alemt9:..
© quadratos, ita ut €D == CE—+ ED fitnon Q.
| & reliquis imitate conftrultionem praceden-
4‘ 15, Dico falum. O3 Nam ,

¥7
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b 9. 10,

830, 0,
b13°6, -

cu. 8
deonfir. 3 -

€2;.10.

f.6.
10. 10,
14. 10;

k1. 6.
115,10,

EVCLIDIS Elementorum _
Nam,ut ibi, AB, AF funtj . item A3},
BFY:: CD-ED. ergo cum CD fit non Q.
berunt AB, BF .. Q.E.F. . -
In numeris , fit AB, 5. C D, 45. CE==36;
ED—g9. Fac45.9 25 (ABq.)5 (AFq)
ergo AF.==4/ 5. proinde BF] == 45 ~ 25==
20. quare BF — 4/ 20. v

PKoepPr XXXII °~ '

A . Inyenive duds medias

B———i—— G, D potentia taniam

C > commenfirabiles > que
IR b I - - yationale CD contine-

ant 5 ita ut major © plas pofsiv., quam minor D,

" qhadrato vefte livec (ibi longitudine commenfurs- ..
- bilis. - - SRR B
. -aAccipe A, &B § T itaut4/Aq—Bq T

A. b Fiatque A.C::C: B, ¢ atque A, B C.
D.Dicofaltum. e :
Namquia A , & 4B {unt § p= eerit C{fy/

E -AB) @. 1tem gideo C D. hergo D:etiam ©

u.porto quia A.B2%: C.D; & permucarim A
‘C:B.D ::C.B; & Bq 4 ett fr 5 etitCD

k (B}). fv. Denique quia 4/ Aq— Bqd0-

Alert 1/C1- Dy C. ergo, &c: Siny/
Aq— By Ag;erit4/Cq— D3'3- C.
s},48» (s}

< I4 numeris; it A, 8 ; B,

quare CDh = f-"/ 5308416 :V 2304.
- Pkopr XXXIIL.

A Inyenive duas wedias
T D, E potentia folum com

5 T———  menfurabiles; que medium

”(.: me— DE consineant,ita ut me-

jor D plus pofsit 5 quam

minor B , quadrato velbe lineg fibi longitudine com-
. meénfurabilis. DA

i 'Sixéiq

:64—. 1.6)' "..
ergo C—4/ AB= 4/ 3p72.& D = w4/ 1728.

’

1JI

e L ———



oo Liber X, 2ry
4 Sume Ay& C 7y “G-sitaut4/ Ag— Cq 230,10,
, ’ Abfume etiam BT A, & C; & fac AD <2 ciyes '
‘v D.Ba:: C‘E-EruntD,&EQUaﬁg_ » ) dul6 .
Nam quoniam A, & Ce funt 4, LB g ?ffi"ﬁ"“,
A& C, feiit B g*, & D (4/ AB) gerits . endio.
¢Quiavero A.D :: C. E. erit permutando A. 51213
‘ C::D.E.ergocumA C,'heritD"‘l} E.H
i tegoBel p porro, yquiaD.B :: C.Bj 1 & Lanvo.
‘ BCelt ur, etiam DE ei mzquale et uy, deniq; 168
< 'popter A. C :: D, E. equia 4/ Aq— Cq e
- Ayreity/Dy< EqTLD. ergo, &c. St 4/ -
. 4~Cq'@ A, erity/ Dg— Eq T Eq.
: DIl:/numens, it AyS; C, 4/ 48; B, 4/ 28 erit
20V 30725 & Eve/ 588.quare D.E :: 2.4/ 3.
Propr XXXIV. .
" Inwenire dias re-
Ras lineas AF , BF -
potentiz - incommen-
. " furabiles 5 que faci-
‘ant tompofitum qui-

N dems ex ipfarum qua- .
C & E Bpasis raf{ihale ,?re- ‘
&:1’1(8"‘1% vero fub ipfis contmtum,medii;z.. <

eperiantur AB,CD ¢ T}-iita ut 4/ABg—: ;
| CDQUTL AD. bhiteca DR G, o fat reltang: 15 5
| AEB=GCq. Super AB diametram duc fe- §13§
Micirculum A F B. erige perpendicularemE F- ceor86 &
duc AF, BF. He funt qiz indagande erant,  ,17: &

Nam AE. BE 4:: BA % AE. ABX BE. Sed. " ¥
BAxAE;— AFy;e & AB x BE—FBg.pergo g19. 10,
. AEEB:: A¥q. FB. sergo cum AE-g T Bns b
) EB, perit AFq ‘11 FBy. , Quinetiam ABq AT
. (*AFq— FBy) ! efb p°y. .denique EFgt = n:?f;.
3 AEB!— CGq.m ergo EF = CG. ergo CD x ads. o
" AB== ,EFx AB. arqui CD x ABnett wr- pifils

“ergo ABx EF,» vel AF x FB,eft ur. Qﬁ-g
; , 4 .

o
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b nnﬂv;_
:ﬁl_ol. 18,40
Ma- 6

_fit 'y > arque o/ ABg — CEq - AB. & reli-
- qua fiant, ut id preecedenti. erunt AE, EB, quas

EVCLIDIS. Elementorum -

" Explicatio per numeros.
£ it AB,6.CD, 4/ T2.quare CG::‘/,I;- =
4/ 3. Eftvero AE==3 — 4/ 6. &EB=—3;~

&/ 6. & unde AF erit 4/; 18 —+ 216.Et FB,y/:

18 ~ 4/'216. item AFq ~+ FBqelt36, X AF »
FB— 4/ 108.

- Cererum A Einvenitur fic. QuiaBA (6) !
AF:AF. AE; ett 6AE—AFq—=AEq '
~+ 3 (EFq.)ergo 6 AE ~ AEq==3pore3 + |
€= AE,ergo 18 :4-6e—~ g — e~ g, hoc |

9w~ ee==3. vel ee =6, quare e = ¢/ 6. i
proinde AE== 3+ 4/6. , - o k

PRo?P XXXV

c I . B B
Iwvenive duas véfbas lineas AE , EB potentia in-
commenfuvabilesyque {m’ut compofitans quidem ex

infaram guadvarit medium 5 vefhangninm vero fub

ipfes contentum, variqgale. : ;
o Sume AB , & CFix G-, itaut ABXCF

petis. . .
N am, ut itthic oﬁenﬁlmtﬂ,ﬁEq ‘& EBy:

- item A Bq'(AEq 4+ EBq) eft uy. & deniqie

ABXCFbeftp'y, ideirco'& AB s DE, difoc.
% AE X EB;th¢'r. etgos&c. - ;

PROB

S A S - wesasend




I.:'bgr.x.. 1197
Piop XXXVI - '

Invenire du~
«s veftas line-
casBA,AC
potentia incom-
menfurabiles

|
d GI : i que faviayg & -
1D ) D L ‘compofitum ex
: L. ~ ipfarm  qua-
¥ dais medium , e reangniam [ub ipfis compre:
benfum mediam, incommenfurabileque compofito ex
ipfarum quadraris, 3
¢ Accipe BC & EF w O-;itautBC x EF it
&/ Beg— EFq ‘13- 5C. & reliquafiant,
Uin precedentibus. Erunt B A, A C exoptata:
am; ut prius , B Aq*T ACq; item BAq ~+
;‘Cq et us. &BA x ACeft uy. Denique BC
TLEF, atque ¢ ideo BCTL EG ; eltque BC. buonfr,
£G4 BCq-BCxEG,(BCxAD , velBA g1 to.
YAC) ¢ ergoB Cq (ABq —+ ACq) ‘T srpr.

BA¥ A C. ecpo, &e. -
§ NI
' l ® -~ b cH

Invenive duas medias longitudine o porentia in-
Wwmenfurabiles. _ : g

¢SumeBC'y. fitque BA 2 AC wy, & ‘TL , 4,0
BCq (BAq + ACq ) b Fac BA. Hi: H. bis. 6.
| AC. SuntB'C, &Hu G, NamBC eft .

*&BA £ AC (c Hq) eft uy. quate H cft etiam 1.6,
; o ‘ G

s 33,10,

Schol.

"y

I

2]

[y

p
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18 EVCLIDIS Elementorum:
digse. B dituBAx ACTLBCq; ergo Hgm

Y

. BCy ergo &e, - - :

Principium fenariorum per compafirionem. |

PR o F XXXVIL -

‘A © . i due raimales
o . "
A - B _CAB, B C potentia
' ’ tantum commenfares

-biles componamus | tora AC irrarionalis eft 5 voce-. N
aby - sy autem ex binis nominibss. . -
blow b0, NanrquiaA B 4 T1. BC, serit AC{'D -

€ 11,4ef, 1o, ABq. S=d ABaeft ". cergo ACetl g', Q F..D‘."
e " PRoe XTXXVII
’ -Si due medie A B,

.

e g BC: potentia tantum

A B - € commenfurabiles compo-

| mantur.qua rationale contineant;tota AC irrations: i

l 4is eft; vocerur autemex binis mediis prime. N

b Tw.i6.f0 ~~ Nam quoniam AB«¢ ‘13 BC, seritACq'TL .

eindf 105 AB5BC, p%. cergo ACefty’. Q.E.D. i
LEMMA, ‘

o B . o € qudd ub linea

" ) . ’ rationali AB, &

. - drrasionali BC

: ) ! “continetuy re-

A' ST ~D&{mgu{umAC; N

irvarionalp eff.

Nam fi re@ang. A G di ‘v -5 quum AB
albyp. | . ! ang. . drcatut p quu i
b31.00, - fitp*;beric Iauuﬁie B Cetiam §". c:mrr; Hyp. I

>




e IR 3 . : b
e Liber XU - e '
o Proor XXXEX. - :
! Si-due medie-
. AeoizB € A B, BC poren-
oy K R i
- - | - menfurabiles com- o
pomansut- 5 qdie o
l o N ) i ~medium . cositine- !
A S g - U~ anty tora ACHr- -
. o J - rationalis: erjt;
VOCEtUP anters ex
. -binismediis fecun-
v Sl Coode L N T ’
Adexpofitam DE ¢ 4fac re&tang. D' F == s cer 16,
ACq;4&DG == ABy~+BCy - barr&
Quoniam ABg ¢ BCq 5 derit ABq—+ 5. -
BCq hoceft DG T ABy; fed ABjsclt gy, 41610
i 19goDGelt ur. verum. reftang.. A B Cponi- :;.";.w'
furur;. e ideoque 2 ABC (fHFg):eﬁ urs ger g1 i0.
80EG, & GF funt ¢". 'quia vero DG » “TI HF; § g5
| *ueDG. HF:¢EG. GF!eric’EG ‘1. 118 1.
{ GF. mergo tota EF eft ¢ n.quare're@ang .DF qyi 3¢

alow.38,00,

Ap's. sergoy/ DF,ideft AC, effp”. "Q.E.D. o 1.éfiio.
“Pror XL . o
' ' §i dve” velle lince -

I

L KT G ABL BC s .
: N tantum commenfiabiles . oo
Wmponansuy s - que faciant compofitum quidem ex '

Vontmctur medinm; tota vetta linea AC, irrationa-

liserit : woeetur antem mafor. - Lo ©
Nam quid ABy —+ BCq 4 eft p'y, % 613 2 ;gt:..:.o.
| ACepn, & proinde' ACq (4 ABq + BCq + chp.X 14,
| ’-Alcsle"n. ABy =+ BCqe'r, ferit ACp. Fy,
QE.p, TGS

i Mfarim guadrasis yationale , quod. anzem fub ipffs

g

© e,
e e

o SR ‘- pRoP

R
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120 EVCLIDIS Elementorum

Pror XLI.

‘ , - s U SE due reltdi-
A . BreeA €,CB pr
c ‘ tentia incommen-_
furabiles componantur , que, fdviant' compofitun .
‘quidem.ex ipfarum yuadratis medium ; quodsstr-
“e2m [ub ipfis continetur, rationale 3 sorareftelince
AB irrationalis evit 3 wocetur autem vatiomale ¢
raedinm potens. : .
b & Nam 2 reQarig. ACB,s ¢y} L ACq+
d

.

LL// 3
g‘bf:}l;l:’.m. CB.} € oy 4 ergo 2 ACB 4 1. ABq. quarc‘ -
$0e e¢ABety. QED.
e(t.def 20, ) ) .
Prer XLIL
— Fov
€ D o

‘,"G.' H K

A <€
Si due relta linee GH, HK potentia incommen-
Jurabiles companantur 5 que facians c compofisnm
ex ipfaram quadratis medium,&- quod fub ipfis con- .
tinetur medzuns 5 incommenfurabileque compoffto ¢
guadrasisipfavum; tota veftu linea GK irrationalis
erit ; vacetur anttws bina media posens. .
> . Ad expofitam EB ¢', fiaat rectang. AF=GKp
ayp. & CF—=GHq—+ HKq. Quoniam GH{ -+ &
b330, HKq(CF) s cit ur; latitudo CB 5 erit p°, Jtem
. its quia 2 reftang. GHK (: AD) aclt gy, €Ua™ &
; 10. ;:. AGherity", Porro quia refang. ADa I3 CF, i
{738, r0.4 3tque AD. CF :: AC, CB, eerit AC'T% CB &
Bivds o/ Quare AB eftgy’. ergo reftang. AF, ideft;
GKqeftp®y. bproinde GK eft p°. Q'ER% ’ 4
. ? 8

T, . e ————



Tier X. 223%

P RoOP XLIIL -

L.l .
" AC FEDB

Que ex binis nominibus A B, ad unum duntaxat
pwnitum D dividitur in nomina AD; DB,

Si feri poteft » binomium A B alibiin E fece-
turinaliq omina AE, E B. Liquer A B fecari
utrobique in2qualiter, quia AD 13- DB, &
| ABE'TLER. ) ‘ ,
| Quoniam re@tangula ADB’> AEB s funtpe s

o&iingula ADq, DBq, AEq, EB4 funt ¢"a3bas § f;z;","_'“

deoqiie ADq —+ DBq, 5 & AEq'~+ EBqetiam = °

(e, b idcirco ADq — DBq— : AEq—+ EBq.

" thocelt, s AEB— 2 ADBettpy, d esgo AEB f{ﬂ.’.s._

~ADB y'v.ergo k4 fuperat py per ', eQ.E.A. b1 10
:. PR opr XLIV. - i '

: AC T eEPB
| Rue ex binis mediss prima A Bad ynum. dunta-
‘ xat puntum D dividizur in namina AD; DB.
1 Puta ABdividi in alia nomina AE, EB.quo ashore,
'+ Pofito, fingula ADg, DBqs EBq» 4 funt ue; 4& sgasyre
‘ "ﬁangula ADB, AEB, ecorumque dupla, funt ¢ .1."1:.
. | ‘D; ergo 2 AEB 3 2ADB, '4%:53.?“
~+DBq~: AEq- BBq eftg’r- 4 Q.E. A ‘
17 AR B e SR er.
¢ ) .




ST “’."EVCLID'IS--' Elementorum: )

'-‘_'Pxor XLV.®

G- Que ‘ex binis me-
EA"__%—JB diis fecunda AB, -
_ad unum - duntaxat b

, |- A | e C de

1 - {1 ditur- in - nomina

) ] 1 AC CB.”
F S i D:c alia effe no-
H mina AD, DB.

X
Ad expof';am Ere, fac ;e‘}ang EG=ABq
— ADq

v &EH""ACq)ﬂ- CBg ; nem EK =
v : ‘-+(12)¥Bq
03910, quiam AC CBq s funt bt
b uo &14 ' A Cq = C By (EqH) u'q uergo“?atltudol: H
51.., eQ ', q) §: re&ang ACB.d ideoque ACB ~
PO ¢ (IG) ¢ft uyt'cergo HG, eft efiamp’; Cum
n.ms. 1o tgitur EH S 16 !‘“‘1‘“’ EH.IG & FH.
HG; b erunt FH, HG T kergo. EGe bisor -

101, mium ; CLUusnomma FH, HG. Simill argu-
xnal-‘K KG;contr'l N

k37.100 3
av < mento FG.eft bin, cuj jus pofn
- 43 hojus.” 3 o
PR OP “x LV I
G w E',]"»B
- Major AB ad snum d:: nmm pm&nm D dwtil
. tm' in nomina AD, DB M
440.10,~ .~ Concipe alia nomina AE, EB quo po!' Tto re-

b
‘}"‘ﬂ jo &angula ADB, AEB# ux ; » & tam ADq+
.00, l_)FlHi?luam:EEq -+ EBq funt p «. bergo ADqg
. it —~+EB
) 'ZADBCR’ " ‘ Q F.q :.f'hoc eft» zAEB
. ’ B rnor

_ ’ s _ P




ther X, 223
~Pror XLVIL

3 . ) ’ - “Iita:iande ac
: § e} medium  potens
; A X F B D B'AB, ad{cmpu
i dintasat punttum D dividitur innomina AD, DB, ‘
Dic alii nomina AE , EB. sergo tam AEq gt
[ +EB, quam ADq —+ DB funt 2. & & re-
i Bguls AEB, ADqF > funt p°e. ‘b ergo 2 AEB bfkay.ro,
=1ADB, choc eft, ADg~+ DBq— :AEq+ § 5.2
; BByet p'y. Q.E.A. Tt e

‘ Pror XLVIIL '

: DE o Bina media po
—_— :
LA B tens AB,ad mgm
] | dimtaxar pinflam
C dividitur in ne-
2 S ming AC)CB.
| VisABdividiin
Fi : . alja nomina AD,
l KH <G DB. Ad éxpofi-
| tmEF o, fant reftang, EG=AB}, & Ell—=
ACy—+ €3y, & EK=ADq—+ DBq. Quo-
| diam ACq —+ CBq, wempe EH, a cft py , bexit sgrren
| laitudo FH p°. Ttem quiia 2 ACB » ¢ hoc efty bagwo
16, efta @y berit HG eiam p°. Ergocum EH 8066 -
: “"D.IG, rqgue EH.'1G 4 :: FH, HG, e erit :';"':: :
Mg HG. fergo FGeft bin. cujus tomina
TH.HG. Fodem modo ejyfdem noifina eruat
: ¥, KG; coutra 43 hujus. -
l  Definitiones fecande. -

! EXpofita arionali , & qua ex binis nomisi-
i, 955 divifa in nomfina ; cujus: majus nomen
- Pls poflic quam minus; quadrato refiz linex f-
bilongicndirie commenfurdbifis ;| o
L Siquidem majus nosien expofitz rationali
t : : com-

l



224  EVCLIDIT Eliwéntoram

. [ 3 .
commenfurabile {it longitudine, vocetur tota ex
binis nominibus prim®.

I1. Sivero mipus nomen expofite rationali
longitudire (it commenfurabilesvocetur ex binis
nominibus fecunda. .

I11. Quad i seutrem ipforum nominum fit
Jongitudiae commenfurabile expofjte rationali;
vocetur ex binis nominibus tertia.

Rurfus , i majus nomen plus pofiit quam
minus ; quadrato se¢tx line fibi longitu-

- dineincommenfurabilis; )

IV. Siquidem majus somen expofitz ratio-
pali commenfurabile it longitudine, vocetur ex
binis pominibus quarta. .

V. Sivero n:inus nomen 5 vocetur quinta.

V1, Quod i neatrum ipforum nominums
voceturfexta. - 3 )

PRoOP XLIX

A..4C.s B, Invenive ex biv 3

nis nominibus pri-
E ———G mam, E G.”

(e B T3 , * pumeros quadra
0. - tos,quorum excedus CB non Q.exponatur Dy,
$a IS p accipe quamyis EF O D. ¢ fic AB. CB&:
- - - EFq.FGgq. erit EG bin..1. ‘ .
deanfir, Nam EF 4 T D. ¢ ergo EF ¢, fiem

fodfw BRqTLF Gq. gergo EG eft etiam ¢ item

8 fibass0 dquia EFg. FGq :: AB. CB :: Q. non Q. berit

hyg.ro . EF‘D FG. denique quia per converiionem -
rationts EFq. EFq—FGq:: AB. AQ:: QQ

k9. 10, I(_eruEF‘l:i..V EFq_.F lefpo EQ ¢t
‘ll-.'amt hin.1. Q.E.F. 1~ FGe terg :

0,
: Explicasio per numerds.

D : ¢ Sume ABAC

SitD,8.EF)6.AB,9. CB,.g. quare cum
N o 9.5

R si__.__.l—,



Liver X. -~ s
9-§ & 36:20. erit FG) 4/ 20. profiidh EGeft § ‘
-i-‘/zoﬁ ., ‘

Prop L

i 44 Cung B inw‘n‘ir"t ex 'I;ini: nomi- L

o —

~=——  nibus fecundam, E G. :
E .G Accipe AB, & AC
nunieros quadratos, quo-

- - tom‘exceffus CB fit nod
QSit D expofita ¢, fume FG ‘. D, Fac CB. pteu

. BB FGq. EFq. Eric EG quafita. . Pratedonten)

NamEG-4.D 2quate FG eftp’. item EFQ

h TLFGq. ergo EF eft etiam §- item quia FGq.

EFg:: CB.°AB::non Q. Q. eft FG "1 EF,
denique quia CB. AB :; Gq. EFq, inverfeque’
B ¢ EFq. FGq , erit ut in Pézcedglg;xi., RN
T4/ EFq = FGq. 4 & quibus Geffbin. o
. Q.EF, 1= _\‘1 -4 1(;“ :‘{‘,f‘g
Inmumeris, i D, 8; FG io; AB&%CB, e

i HItEF,4/

1¢/ 180.quare EGef I‘o.-lzjl 8o., e
Pror LL: & ..

Au.4C....5B . Invenive o binis
a6 nominibus tertia; DF.

! G\------,- - 4 Sume fumeros » Jeb .29, 104
D F AR > AC quadratos,
E quorum exceffus GB
B L non Q_Sitq;L nume-

¢ Mo %proxime major qaam CH, nempe -

niti!t‘g velbinario. Gt G expofita §. b Fac L.AB ’

i nG;l DEq.5& AB. €B :: DEq. zqu eit pF 6 giom 1
Nam quia DEq¢TL, G, et DE§. item f;hlré-
Y DE(] #L. AB :: non J Q’ cerg‘q G'a dft‘l.u.lﬁ'

DE. item quia DEq 13 EFy , 4 ctiam EF ebior

_ &¥¢ quinetiam quia DEq. EFq:: AB.CB::

QoonQret DETLEF, porre ; quia per
R ) ) s

f9. 100
Qnftrs .




23¢ - EVCLIDIS Tidienram
. conflr- & ePrquali Gq. EF
848 Q. Coang Ifq& CBGxﬁm funt l"r;u(l:cg p}:::‘ :} :
h 9 to. merl) b crit G etiam "I EF. demque ut in
s defigB prieced. o/ DECI-' ¥Ry g DB. kergo DF et
vo. bin.3. Q.E.
. JWinnmens 5 ﬁs AB, 9 CB, s; L,s,c 8. eric
DE, ¢'96 &EF; g/t“ quageDFay‘96 ‘

ﬁlg';, .
',.; P B»O,.l’. I.II - : -
)I””Wf ex binis mmx. "
bm‘ uartgm DF, L

; " Sume, queaavis: AERE
DB ,“) ruu) uadiarym AB aquem
H = ' divide in ACy GUaow
bi.lem 10, qu“d‘ 05. ﬁt Gexgorra e" 6“ 3 E-u"
cs.lom, 10, G. Eac w CB" 'Eq.E,Fq erit Bv‘f

. afib3g.10,

0L, lNam ut'in 49-hijus , D F oftengeron bis. :
Lt emﬁ»gula RES COl;ﬂIF\ & GOW@‘ﬁm ratienis I

E4.D Er A5 AC 5 Qo Qg

do.10.  deritDE” E EF‘I ¢ ©rgo DF et
cp4f | bing. QE. l-'r Lo t
B0 In uumeris, f'tG 8; DE,Q, entF.E 1/ "4 o

ﬂngB‘F é&&—l- s/ 24. -
Voo R .
P Rio P LI II‘. o
oene Inyenive ex binis nomi-
nibus quintam; DF.
Accipe uemyis p
" merum quadrata@ ab,
) 7 cyjus fegmenta ACH
~. - CEfistaon Q,f: G expofita ¢ fume E] B
..., G-facCB. 8B:: EFq. DEq etig DF bins-
" Namutin o lw)US erit DF -bin. &Xu
' woun . Tt confic. & imvectendn D Eq. EFY i AB-
AL & gB > ideoqué per converfionem ratxoms DEg:
Ef] — EFq AB. A Q nop Q{n crlt.

e

v PRASAPIENS 1 PR
M RN




‘ 2y
DE&EL V DEq - EFq b ergo DF oft bin,
4
. In numms,f: G,7; EFs6.erit DE 4/54. quare
. DF CRG-O-V §4.- *

PRroO#. LIV,

|

;:l '
| A wer § Conen 7 B Invenire ex binis momi- .
!

S nibus fextam.
Grmen AccipeAC, CBpii-
D——w_F  mosnumeros itcunque,
3 i E. fic ut AC—+CB (AB) .,
Hee fic non Q. fumé etiam

. qllenmsl'. nuwm. Q.hit G expof. o', sflatque L. 8 3Jemres”
: 1 Gq.DEq. atqne AB.CB:: DBq. EFqe . '*
‘ ntDF b!n.‘
“_ Naof utin g1.}mjus, DF oﬂendetur bin,
t itemquod DE-, & EF nG denique igitur
T qma per confly. & converfionem rationis DEq.

Eq- EFq:: AB. AC = non Q Q. {Nam .
v AB pnmusqeﬂ: adAC, ¢ rdeoque €1 %ﬂimﬂu) bfeb. 4. 8
trgoDE‘n_ +/ DBEq~EFq, 4ergo DF eft °z
1¥ bing. Q:E.
g Inumx:;ﬁl: G:6; DBQ/ 48. erit EF o :3.
| QuueDF eft o/ 48 =+ V




228  EVCLIDI
L LEMMA
. Sit AD -nt‘hng-
{1 ¢ gusm [’ «ujus latus
< " AC fecerur inequa-
R Gl {E F liter in E 3 bifeBumque
A SR fir fegmentsm - wiwus
~ e 1 ECTin F; aquead
LA B!' - AE , - fiar relbang. .
: ' HIpK,} AGE= EFq; perfu k

G E, F. b ducantur ad
AB parallels G H, %

b3na?

e ' P EI, FK. c'Fiat ausem
c 4.3, >

# T ) N | - quadratam M=

reftang. AH , arque ad
' - OoMP ;roduﬂam Nc fi- o
o S, gt quadvarm MN= |
oL @ T qu,' relteqne LOS, -
~1QT, NRS, NPT producantur.,
" ~Dico 1. MS s MT fune: reftanguia. Nam' ob ¥

: quadratorum angulos OMQ, R MP .reftos,
H fibis. 6 g erit QMR rea linea. ' ergo anguli RMO> | :1
B QMR redti ‘Tunt. " quare pgra MS ;° MT funtre: 2

&angula. .- S ) UL .
€3 ex, 3. 2 Hincpatet LSe=LT; e proinde LN¢e
‘ quadyatum. ‘ Bl

3. Reftanguls SM, MT, EK, FD equalit
f 3! . fury. Nam quia re@ang. AGE 4=—EFg, cerit "
£7% AE. EF :: EF. GE. fideoque AH. EK: EK.
/;l ;h‘. GIL. hoc eft per conftr. LM. EK ;. EK. MN. |
k36 1. gYerum LM. SM i SM. MN. ergo EK b=
l4s.e. . SMA=—FD!=MT.

miext 4 hine LN m = AD. *

5. Quia EC bifeltacftinF, + EE,FC
EC'&ﬁ. ife rﬂmmF » patet EF, FC,
owe¢ 6. SIAETEC, & AETL y/ AEq—"
16 o, EC.] :-gtunt AG > GE , AEL... items Quia
: . AG,

L B S ]
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AG.GE:: AH, GI, erunt AH,; Gl ; hoc e 10,10,
LM, MN 1L, itemiifdem pofitis, = :
4, OM'O. MP. Nam per Hyp. AE, "TJ.
HC,1erp0 EC' T3 GE. ¢ quare EF ‘T GE. Q4. 10,
{dEF. GE::EK, GL rergoEK QL GI, r10. 00, -
hocet SM “TL M N. atqui SM.MN:/OM..- -
MP.r ergo OM ‘T MP. o
8. Siu ponatur AE ‘T- ¢/ AEq— ECqy" -+
[patet A G, GEyA Eefle ‘T3 unde LM Q- 9.1
MN.pam AG. GE:; AH. GI :t LM, MN. w

Hit beme per[pelbis, facile fex fequentes Propofi-

. tiones expediemus.
¢

Y. 'PrRopr LWV

Si [patium-AD contineatur [ub rationali AR,
& &« binis nominibas prima AC , (AE -+ ECy)
vee linea OP fpatium potens ivrationalis eft , que
& binis nominibus appeilatuy. ‘ :
Suppofitis iis  qua in lemmate proxime pra-
cedént deferipta, & demonftrata fune, liquet re-
&am OP pofle fpatium AD. ejtem AG, GE,
AEfunt “TL.'ergo cum 'AES fitg" - AB,
eerunt AG, & GE 5 ¢" TT- AB. 4 -ergore@an- asyp.¢ lem,

"plaAH, GI, hoceft quadrataLM , MN funt $4. to.

1. erpoOM, M Plunt et ¢ .- fproinde O P ‘,’ i2. 10.
i, QED. ¢ T OF ety 1o

Innumeris, fit AB, §;ACs 4 =+ 4/ 13, quare J1mis ™.
ITeflang. AD = 20 <4 4/ 300==quadr.LN.ergo '
OPeft4/ 15 =+ 4/ 5; nempe bin,6. - '

?3 PROP
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230  EVCLIDIS Elémentorum .
’ * Pnor.LVl.‘."'f

8 [pasinme AD cantineatur fub rasionali AB,

X ex binis neminibus fecunds AC (AE —+ EG;)
refba linea OF fpatium AD potensirratianalis efts
 quacx binis mediis prima appellatur.
_* ""Rurfus adhibito lemmate ad g4. hujus > erit
oy OP=z 4/ AD. sitem A E, AG,GE funt Q-
T 54 10. ergo quum AE bt Q- AB; ¢ erunt AG,GE~

s

b jp. etiam p T AB. eigo reltangula AH, Gl;

%?:f:::""hqc elt OMq, MPq # funt ua. ¢ quioetialt

shmsg10. OM MP. denique EF TL'EC, & EC

fipanta [ O A B. g quate E Feft § T AB. g @20

721 "EK ; hoc eft $M, vel O M Peft fr. b Proinde
A#10.  OPeftzpprima. QE.D. |

In numeris ;{1 AB, 53 & AC ; ¢/ 481 -¥ber

go retang. AD = 4/ i 1200 ~+ 30 = Of¢.

ergo OP efk v/ 675 -+vy/ 753 nempe bimed. 1: -

. Vide Schem. 5 7.
PRO P LVIL ™

‘ Si fpatimm A D

A e ] c cominccjz-{_ur Jub raic-
| Zi B|F} b AB enex binis

- nominibus. senvie AC
(AE+EC;) relts

[ lineg, O P ﬂ_mium

D A D potens > rratio-

s !l.. > nalis eft , que ex binis
o

mediis_ fecunds ik

' JaAH,GI, hocel

L ' OMP, MPgq funt 5

#r. & 23, T QLT p. s item EX , v

i‘ T OMP eft py.bergo,

i ' l - Op eft bimed. 2.

. P tur.
My Ut ptius , OPq= |
o { AD. item reftangu-
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In numeris, it AB»s; ACyv/3 ’-""/34 -quare
\ AD efty/ 800+V600‘-‘Df’q "proinde OP eft
vV4so —+uvy/ 503 hoc eft bimed. 2.

’ . 1> 20 at L Vi - ‘
. 3i fparium A&) .
i c ron!’mamr Jub yatio-
At— ® ~ mdi A B, & extinis
4 o mmi‘mlm;quuru AC KA
. N (AR EC; )refla
. { - Yinea OP j):mum,,w:- .
. B il dobousd - FOMS, drrattonalis.
HIpk 1 qu¢'ooca§urma]or
St . Nam  iterum,
- OMq ¢ ‘TL MPq. slem.g4.10.
) reftang. vero. Al, .
* hogelt OMg—+ qu“, N
- ,béﬂ! . citeh BK, 1o, N
LOMP &k, . uy. Shr. & -

L. o e OP ( D d'o 00
g ot T Eajor th4 Rt
| ti rxumem,{‘t AB L &'AC, 4~H8;b‘r§

3 re&ahg AD e‘ﬁ 7.9 4+ Vzab quare OP &t
(i “H- i.

1

' ? RO ». LI,X §
A ]}atiu‘m Ap cantintgarsir Jub vasjonali Af
. Deexbinis nammzbu: qumm AC; feftalineq | P
?mum Porehs , drritionatis &ﬂ,qn Patitng
& shediuki porens ippellatur,”~ '
Rur s 0% P T Mj*q refapy. vers \A‘l, .,,,,,,,,,‘
vl OMq - ¥EPy et iin. 2 ttem rettagp BK, . o
MlOMpeg,u bergoOP (v/AD) et po- -
(ens [ Y & ‘E.D: '
g}nnumém; ﬁt AB, 3 &I\C 2+ /8, #pd 'P
e mg xb—l— 200 I" quare”
OB bk

[ -
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'8
43. 10,

»
a.

éga.&é.

o n,
by -
£1.6.

dif e

lem.26.10,
10. 30,

!"'-Q- s

PrRor LX '

Si fpatium A D contineatur [ub rationali AB,
© ex binis nominibus fexta BC (AE~+EC;)
vela linea OP [patinm AD potens, irrasionalis

- eft, qne bina media potens appellatur.
Ut fzpe prius , OMq ‘T MPq. & OMq —+
"MPqeft up.. & reftang, (EK) OMP etiam p-.

a ergo OP==4/ AD eft potens 2 a. QE.D."
- Innumeris , fit AB, §; AC, 4/ 12 —+y/Sj e

re@ang. AD, vel OPq eft 4/ 300 —+ 4/ 200.
'Ptoinde OP ety 4/ 300 = 4/ 200.

"LEMMA.

!

B

C , fiqgue AC
L D CILM :mtj:«: fzg'menmm ;
c ) { . ‘& cuivis DE ap-
plicentur- yeBangh-
. E N . la, DF:éBq,:
AFT - PH=ACq,
A CHEN. FIK_—_: CBq. ft-

© que LG bifefta jn M > ducaturgie MN parali.

GF. o e

" Dicor. Reffang. ACB=—=LN, v MF.
¢Nam2ACB—=LF.

3. DL C—LG. nam DK (ACq <+ CB3)
b LF (2 ACB) ergo cum DK  LE fint 2que

_altaycerit DLCLG.

3 SIACG. CB, deric refing DK T

-ACq, & GBq:

4. Item, DL'TLL G. nam ACq - CBY
¢‘TL. 2 ACB ; haceft D K “r3. LF. fed DK
LFe:DL.LG! fergo DL T LG,

& 4/ Dlg= 1Gg Nam

§.+Adbecs DL,
ACq ACBe;: ACE, 9#;\5&' o

- EVCLIDIS Elementorim

. it vy AB
r Gintqualim fellan

A

— tes - . EAREXMESE
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| quentibus propofsianibus.

© fbin.1.Q E. D.

Liber X, - -~ 233,

i ‘LN:: LN. IK. ¢ quare DI, LM :: LM, IL.

bergo DI x 1L, = LMgq. ergo cum ACq ¢ 3- :5‘,’;’." :
Csq. hoc et DHTL IK, & #proinde D13 110 0. -

L,meri¢ DL O 4/ DL3~ LGq.Q. E.D, ™ 18 10,

6. Sinpanagur ACq T3 CBq, neris DL t13_a19. 10, R
¥ DL3~LGq. '
Hoc Lemma prepurasionis vicem fubeatpro 6. fe- . -

-~

Pror LXL

dimum.cjd: qha ex binis mominibas ( AC
~+CB,yadrasionalem D B applicatum; facit la-

" tyndinems DG ex binis nowsinibus primam.

Suppefitis iis, que inlemmate proxime apt& | )
tedenti defcripta & demonttrata funt, Quoni-

© amAC,CB sfunt § -, beric reftang, DK s

T ACq; fergo DX et fr- dergo DL 11 :}:’," ff:: :

DE p°, reftang. vero ACB, ideoque 2 ACB dn. o,
(LF) eeft pr. fergo latitudo LG eft p' ‘ri :""r': '

’ DE-xergo etiam DL'TL LG. & item DL 1. fis.90.

lem 60, 10.
U

¥ DLq~LGq. ex quibus & fequitur DG ek LA
- K, dof.
’ 48, 10,

PrRorpr . LXIL

Quadratum ejus , que ex binis mediis primz
(AC— CB) ad rationalem DE applicatumfa-

.. Sitlatitudinems DG ex binis nominibus fecundam. .

Rurfus adhibito lemmate proxime praece:
denti ; Rellang. DK T ACq. #e1go DK cit 414 10.
#. b ergo latitudo DX et p* T DE. Quia ves 23 %
1 reflang, ACB, ideoque LF ( 3 ACB' )_f;l. 1s. 10,

i1 ¢k oy ;4 erit LG § 3. DB, ¢ergo DL .50,

LG funt gri.. £ item DL, T 4/ DL = as3.00 °

I qu. gex quibu,; patgp.DGetfe_bin. & Q":‘:’:}?".‘ .
LD, L

N - .. ;«4‘..!.
ST prem
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234  EVCLIDLS Elementoram

: Proe LXIIL
Si . @andratam ejus s qud ek binis wediis [ibinds

.. . (ACS-CH) ad rativhatees DE afpiicatint » fi-

it Latiindintm DG 2 binis nominibat veiam,

Utin przced. DLeit § ‘. DE. ‘éél'fd quiz

::{"& - ré&ing. ACB , idebdite LEY 2 ACB) a etk
bij.ee, Wy, berit LG § T DE. #qulnedain DL0-
:‘;"Jf;-“’- LG. citemque DL M- 4/ DLq-1Gq. 4 -
480, goDGefthid. 3. Q.E. D. -0
Pros LXIV.
Quadraiwm  Majoris, ( AGe+CB:) «d taniv:
malemDB applicatam, ficiz latitudinew DG ex bi-
#is nominibus qusrium. ' .
shpdeps,  Rurfus ACq 4 CBq, hoc eft DK # eft 7.
ot, bergoDLeft § "B DE, ifem ACB, idcogue
chp & FPF (3ACB)¢ et . dergo LG elt ¢ T

48 " DE. . proinde etiam DL ‘i LG. debique -
ey, 10, " quia AC hg- BC 5 SLusic DL DL‘] -

omaor 10 LGg. g und DG et bin, 4. Q. E. D.

8 e Do eag s S
AR Prbe LYV

@uadratum efut § ghe vertdndle ke medinm po-

‘teft, (AG— GB ) «d rationalem DE applica-

“ttim, facit latitndinem. DG ex binis nominibes

. quntam, .- . e .
ats.r0. 2 Iterum ; DKeftuy. s ergo. DL eftp .
s~ DE. ittm LF elt sy, bergo LG ety “T- DB
130 DL'm. %G ditem DL Q- 4/ DLg—

Q. o€
' LGy:¢proinde PG elt bin. 5.

rod

LGy

e bR LEVE

2 D Quddrdtiim tids 5 gud Hina media porefp (AG
9t =+ CB) ad rz'tioﬂalet: DE applicatum, facit latt:

,n‘t‘d,tptm DG exbinis nominibus fexram.

Ut

i



TV ke X 23§
Ut privs , DL & LG funt - D
Quia vero ACq~+ CBq ( DK ) 410 ACB s b|4 10,
4 t¥eoque DX " LF (z ACB ) eﬁque:l)!(:.;'6 A
i, LF's2 DL, LG:derit DL - LG._edenique . lem60.10:
. Dt 4/ DLqw. LGq. f éx qulbus llquét 16.uf.
i DAefle bm. 6.Q.E.D.

mgmAn DE"E.,ﬁ’dtqae AB DE AC )

Dico i. AC 1. DF. & pafet ‘ex to. 1o,
;| ittis CBTL FE. o quia AB DE:: CB.FE. . 3'95
. 1. AC.CB :: DE. FE. "Nam AC. DF ¢/
. AB.DE : : CB. .RE, ergo petmutando AC.
- (B DF'I-‘E.
3. Reflang, ACB 1. DFE. ~Nam ACq
ACB b;: AC.CB ¢ :: DF. EF :: DFq DFE. c,nnr
quare permutando ACq ‘DFq:: ACB. DFE.
gF am ACq "I DFy, desit ACB T dio. 10,

-~ 4.A€q + CBg T D¥ <+ FEq. Nam

s zzla&c CB e: -DFq FEq. erit ccmpouezr-'" s
 WoACq -+ CBy. CBq 1 DFqF FEq, EEq. ef-

) g’wm CBq‘D. FEq, fem ACq-+ CBy .- tsode,
- DRq+FEq. )
s Hiac fi AC "B)-;vel “T}. CB, gerit d.;xoxo. .
. n‘exDE"g.;ve} 1}_?:? ‘1} k .

:

o, ®
SN

PROP




; - 23'6:' ' L'VC'fLIDIS Elementoram  *
!

" Pror LXVIL

'~ B . .Ei, que e _

v e - C : binis . nominibas
- D e E (AC+CPB) _

: B . longitudinecon~

#.9. DE,FE ‘T ‘¢ Hoc efty quodcunqué bino- -

menfurabilisDE,

© ipfa ex binis nominibus eft atg;ordime eadem. -

Fac AB. DE :: AC. DF.s funt AC, DF

;”,"i“"’" ‘& i 8 CB, FE 1. quare.cum AC, &CB

el b w0, b lint & T-se etunt DF, FE p"¥ G- g DE

¢fibis. 8. eft etiam bin. - Quia veto AC. CB # 33 DF

FE. fi AC. ML, vel ‘T 4/ ACq ~B8Cq

digsa detiam fimiliter DF T ;" vel ‘. 4/ DFq~

o O 'FEq.item i AC T, vel ‘TL ¢"expof. ecric fi-
" o -militer DF T, vel “T1 ¢° expol, atfi CBO

. tvel "L §', eentt pariter FE “Ta: el T p°. S0 =

grerdef.  veroutraque AC, CB Tl p', . eritutragj etiam x|

 mium fueric AB,- erit- DE €jufdem ordinis.
o QeE D PR e
.Y proe LXVIIL - .
Ei 5 que ex binis mediis-( AG —+ CB) longi-
-tudine commenfurabilis DE, o~ ipfa ex binisme:

diiseft, atque opdine eadem. :
amé .- . «Fiat AB.DE:: AC. DF. yergo AC o

DIV

- blomébto.pE, & CB EE. ergo cum AC & CB' ™

. w0, fitbimed. 1. fivebimed. 2, erit DE cjufdem or- Q

< by, ’

45§ 10.\AC ¢"0. CB , eerit FD - FE. / ergo DE
£48 10,  ft 2. "Si igitur reang. ACB fit p'r» 9012
phb 1310, DFE 6"TL'ACB, g etiam DFE eltg'y sech i
kit ver Huduy, b hoc etiam erde up. & Mdett, five AB

. ehnt s detiam DF, & FE erant g. &wum

dinis. Q. E. D. L

! - PRrokbk

O :,,,,v ,} S ——
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Pror LXIX - .

|

' Ao B - - - Majori (AC
. . C ~ CB) commen-
i D —1 B furabilisDE , &

o 'F . ipfa Majoreft. -

t FiAB.DE = AC.DF."Quoniam AC :
. 4 CB , berit DF T FE. item ACq—+ 4 4."

- CBqaeft g ; proinde cum DEq =+ FEq # 0. blem 8510
. ACq~+CBq, ¢ etiam DFq ~+ FEqeft gy, de-~ cfif.is.t0.
= nique r,e&ang. ACB selt uv.4 ergo retang. DFE ¢ ;fl ‘;‘.

: ¢ltuy (quia DFE} - ACB.) e Quare DE eft

¢ mjorQ, E.D. * SR

i

Pror LXK

. . Rationale ac medium poremti (AC 4 C€B) " "
ummm]}«tmbilis Dl’i, o 1pfa rationale dc medivm < .
. poems eft, . . . .

. lerumfacAB.DE:’AC.DF. QuiaAC b -
"$TL. CB . betiam DF - F E. item quia 892 .
ACq+ CB‘l’ ettpr, ceri‘:glsl".l —+ FEgq v :?{-?.'

denique quia reang. ACB ceft ¢y, 4 cttam dfikasio
" DEE eft ¢'y. e ergo DE eft ‘potens ¢ v, acup. "
v %E‘,D’ : T ,

(R . .
. . PRoe LXXL - °
A--__-;;‘—-f.;_-B Bina media potents

. : C . .- (AC~+CB) comm
© Do _ngB . menfirvabilis DE, ¢
K B ipfa bina media poe

D tensefd. e

. Divide DE, utinpreced Quia ACqs shy

| €895 erit DFy*B- FEq. item qdi:‘ ACq b bmélic:
| +CByaeltpy, cerit DFq —+ FEq eriam 9. $44 (O
* Paritérque quia ACB #efl uy , detiam DFE et .
kr. denique quia'ACq -+ CBq 'B- A?::;t
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e14. 10,
l{:,l:,

#cor.16.6,
daax, t,
C1l, 10

dj.t0.
vty ¥
fapuso
m.ﬁ‘,
t.defs
9.30.
ot
. deff.
d

10
m 48 0,

LAN A
4% 10, .
046, 10,
PS def,
48. 10,
949, .0,

_ g erit CF 73 FK ; proinde i FX o B
CFq, nerit CX bin. 2. *quareH e 2 g P~

CEVCLIDIS Biemeniorhny -
#erit DFq—+ FEq TO- DFE. £¢ quibus fequi-
tur DE efle poteatem 2 #5. Q_E. )i T

‘PrRoOP LXXIL
T g Si ragiondle
A, o medivn
B componantit
Bu atuod irratic-
wales fiwnt 5 vel
“ea qua ox binis
o minibus 5 vth”
[ dque e¥ binigeme
: T dis prima 5 vt
major s vel vationale ac medium potens. K
Nimirum fi Hg—A—B,erjc Huna 4 Tipe-
arum , quas theorema defigaar, Nam adCD ¥
expofitum p°, o fiat reftang, CE=A;; jtem FI ©
= B; pideoque C1 — Hgq. Quoniami jeur A
‘eft ¢'y» etiam CE eft py. ¢ ergo fatitudo &0
et T CD. & quia B eftgr, erit FLur o
"dergo FKeft % "3 €D, cergo CFy _H(funt.'“
‘e “T1.. ‘Tota igicur CK feft bin, Stiginrh

~

oo

* B, hocet CE = FI, gerit CFC_FK. &

o fi CFTL 4/ CFq— FKq, berit CK bin.
7. & proinde H = 4/ CI keftbin: Sipoparut
@F 't 4/ CFq- FKq, 1 erit CK bin. 4.

quare H CL) m it major. Sin A 3%
e ipmo / FXq=

ma. denique fi FX “T- 4/ FKq ~ CFq 7€

g‘ bin. §. gunde H eric poteos py a¢HT ~

L ! . . '
. C .



T Ao - . 3;*
‘PRoOP. LXX!II ‘

‘ ! d P duo me- .
- }:, ;4. A, B, inter
: £ I mmmmﬁj-
" vabilia um[d-

) aaninr , dwe res
ligna, irrgtiong= < ¥ 0
lesfiunt 5 vel es .
binis “mediis fe:

"X tunds , vel bima

medjg pocens.

Nempe H potens A < B ‘eft " una diGtarum

. inatonaliuny, Nam ad CD expoE p", fac ree

. &g CE= A, &Fl= B.unde =€L

© Quoniam igityr CB » & FI afynrpes, berunt u”

© uitudings Ch.PKi B CD. Nein qala CE ""““"

g . FI; e.ﬂ:qm CE. E5 c:: GF, Fx 4 erit dvo. 10,

CCR'mL I-'K. sergo €K efy bm ES nempc, fi :nf oof-.
CF . ¢/ CEq v EFy. unde H Sz o/ €I, & :

T foita s, Sinvera CE T 4AGFg o~ FXq, i‘f dft

© geit CK bin, 6. &> ‘pldmk H c&potenl iy hea .b.

S ED
Principiu.m Sehm"ivﬁamptr ¥

- desyaibiongnt. . -

PRo® LX}S1¥.' ’

Lrvrmeees 86 ) yaxiongli D F rationa-
R B ¥ hs DB auferators potentis tin
v Commenfunabilis exiftons sosd DY ; religna EF y
inakionalis aft: . wocetur autens apotome. - -
* Nem EFq ¢ T DEq; {ed PRgA ek, B ian
. “4goER eﬁngE. . cro. & 4
1/1“ umm:, fit DF; 35 DXE)‘/ $.EF Cnt e “hoo
o ; ) 1’ KoP~

e ———



a4  EVCLIDIS Elemensorum

fob, 16 50,
.

by
dof. 10.

.
1

:f’f&é..::

PRoOP LXXV.

D E F SHmediaDFmedi.tDE':

: ———  aferasur , potentia tamtum
commenfurabilis exiftens toti DF ,. que cum totd
DF racionale contineat; veliqua EF irvationdlis eft
vocdturantem medie apotome prima.

" Nam EFq ¢ ‘T& reétang, FDE. ergo cum
FDE b Gt jy ¢ erit EF p. Q.E.D.

€39 & W0 " 1 numeris o fi¢ DF vy/s543 & DE vy/24.018
Y 51’e£}u¢s_4—v¢u. ;

: Pxor LXXVL-
D .- B F Si dmedia DF medi¢DB

o e vaman comeie | BUferatur 5 potentia santh®

commenfurabilis exiffens toti DF 5 que cum #016
». DF medium contineaty veliqua EF irvusionalis ef
" wocetar antem medie apotome fecunda.

. Quja DFy, & DEq & funt u& "3 :
" berit DFq -1- DEq 'BSDEq. ¢ quare DFq

34,39 . o DEq eft uy. item re@ang. FDE , ¢ ideoque

-

dene.s,.

#1710,

Ry
€

.
d’w 0,

3FDE) eeftg’r. guare EF el ¢*. Q.
EFU‘/ rﬁ-, ”“'8' B

PRrRoOP LXXVIL
e . i & refia linea AC ¥els

. A B "C adferatur AB,potentigincom
"’."ff“"dﬁilit m’ﬁm’mi BC, que cum tora AC .
" faciat compofisums quidens ex ipfarwm quadraris ve- o
sionale 5 quod ausens fib ipfes continesur mediumsre:

ligna BC irvationalis et : vocetur ansem mingr.
" Nam Acq~+ABq @ eft py. at re@ang. ACB

1540 aelt uy. & ergo 2 CAB "TL. ACq —+ ABq
(2 cCAﬂ-,. BCq;) dergo ACq=+ ABq D+
¢ 5,410 BCq. sergo BCeft’p. Q. E. D - :

© g

‘

E‘ D' .
In numerisy it DF> v4/18 5 & DE;vy/ 8. €rif

2 FDE seft uy. ergo EFq (4DFg—+ DEq —

. '



T T iber X, ' it

241
In numeris; it AC,4/: 18. + ¢/ 108.AB‘/.3\
| 8= 4/ 108, ergo I;C eft 4/:18 -+ 4/: 108.
E T ) +/ 108. o

~Prop LXxviIL . °
D E—_F "Si drelta linea DF ye. -
R e auferarny DE potentiq

v Weommenfurabilis exifiens to3i DF , que cam-sota

© DEfasiat compofiiam quidems ex ipfarem quadrasié

‘ mfimm, quod autem fub ipfis comtinesty, rationale;
igua EF ivnationalis eff:vocetur anters cum ratio-

. Mlsmediym totum efficiens. ) Lo

< Nam 2FDB seft pr. & DFq + DEq et bk g,

+ Bl cerpo s FDE ‘T DFq~+ DEq 4 (2 FDE 1150, %

. tEFg)sergo EF eft¢". Q.E.D. =~ ~ - b

In 5ameris fir DF, V1 4/ 316 + ¢/ 72.DE; dy

w

W 216~ v/ 7¢.ergo EF et 4/: 4/ 216y a':,":,;-:,_ .

1/71"" Vi 216~ 3/ 72,
Pror LXXIX

D B R Siarels DF reita auferas
F==~=i—={ tur DE, potentiy incommenfura~
o bilis exgftens toti DE , que cam -
4 faciat & compofium  ex ipfarum quadrasis, - -
dim; ¢ god Jubipfes” contingtur, medium , in-
_ "menfurg ileque compofito ex quadratis ipfarnm,
* rligng ivpasionalis eft: vocetnr gutenms cwm medio
Medium totum efficiens. o o
Nam 2 FDE, & D¥q -+ DEq s funt M85 ks
" ¢TB°EFq (¢ DFq— DEq ~ 2FDE) et ¢'dy wo.
| Moinde EF eft *. Q_E.D. R it
, Exempl.gr.fie DF, 4/ +/ 180.4 4/ 60.DE, {515t iv.
V¥ 130 4/ 60. EE arit 4/: 4/ 180. + :
; fo~ VV 180~ 4/ Go, L '

Q. Pioy;

1] N

byp. .
cfib.13.10,
. 3. :
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LEMMA

. N o )
p———C 5 r :
C e H ;,-

. Siidewsfit exceffus inter primam magnitudinem
BG, & fecundam C (MG)) gqwiinter serdiamma- |
gritndinems DF,¢» quartam H (EF; )erit & icif+
fim idevs exceffus inter primam magnitudinem BG, 1
g sertiam DF, quiinter fecndam C, &~ quartam -
. , o i
- Nam quia # 2qualibus BM , DE adject= funt *
abp aquales MG, EF,  hoc eft C,Hierit exceflus o+ 1

st . torum BG, DF , b zqualis exceffui adje@orums
~ "C,H. QED, -

T ) € qfﬂ[l. M

'

[, ml

* Hinc,quatyor magnitudines Arithmetice pro-
portionales, viciflim erunt Arithmetice propor-
tiopales. . .

Pk or LXXX -
" B ID C. Aporime ABunsrai |
A - e tum comgruit relid
. linea vationalis BC poseritia tantim commen[urabt: i
His exiflens toti AB. , \ ) ye
asste, . Sifieri potelt , alia BD congruat. éergare &
g, 0. &angula ACB,ADB;b idéog; eorum dupla funt 3
®er3-3 . p.cum jgitur ACq—+BCq— 2 ACB¢ —ABq: i
dlswgiro, ¢ — BDg—DBg~— 2 ADB.ergo viciffim A_Cq
ebyr. & 3y. =+ BCq =: ADq - BDgd— 2 ACB —: 2
£ fs1s. 10, ADB. Sed ACq-+BCq—: ADy—+BDqif
‘gire. Py fego 2 ACB <! 3 ADB et ¢'r
 QEA E

ProOP

e Bt g

— sttt



. ~ Liber X: 43
froe LXXXL =~ 7

[ P S Medie Apotome ’ﬁi’ \

A B D C me AB una tamtam’
songruit velta lineamedia BC, potentia folum com-
menfurabilis exiftens roti, & cam tota rationale cone

. Hinews, o . !

.\ Dicetiam BD congruere. * igitut quoniaih

© WmACq, & BCq; quam ADq , & BDq «funt i by

i #°T.betiam ACq—+ BCq> & ADq +BDq i .fgq‘
trunt ya.c fed relangula ACB,ADB;4 adeaque {5,

:ACB,& 1A D%uﬁmtp". eergozACB i e

: =:2ADB;.f hoc eft ACq—+ BCq wi ADg ,‘1{‘,';‘,"" '

: +BDgeft )y g QE. A/, lem.9. 10

‘§27. 10,

Pror LXXXIL

A g _CD "Medie Aporo-
EK . @ Mmefuunde AB
5 , T una tantam cen-
. . gruit relta linea
media BC 5 po- -
sentia folum com--
menfurabilss exi-
. ) . »Jﬁm: toti , < cumb
fFl . ~G L s medinm cone
LI ) tinens, <
., Siferipotet, congruataliaBD. AdEF )
fantreflang. E G = ACq—BCq;item re= -
48w EL™ == ADq -+ BDq« Item EI = ..
ABg.Jam » ACB —+ ABq—=ACq—+BCq=2,

ACB. porto ACq, & BCq b font pé .. .

¢Ergo EG (ACq —+ BCq) eft uv. 4 ergo la- 3 e

ttudo EH § ‘T EF. e Quinetiam rectang. d13. ro

ACB; £ ideoque 2 ACB (KG)eft ur. dergo :,z’;‘

KH ot etiam § 13- EF. denique quia ACq -+ .

Cq, idelt, EG,5 T 2 ACB (KG) eftque Slemsbre
Q.2 EG-

o1

G, ergo cum Elz= ABj, w-crit KG 7= iy nis -



s34 . EVCLIDES Elmentorum
Pre EGKG:bEH. KH * erit E HTLKH.
L) ;:'l':" ! ergo EK eft aptomescujus congruens KH.fimili
» . argumento etit KM cju{dem EK congruens;con-
. ta8ohujus. =

. Pror LXXXILL

: ) Mingri AB, una tan-

A B . D C tmcongruit velba li

o, e (hC) potentia incommenfurabilis exiftens toti

@ cum tota faciens compoffeum quidem ex ipfarum

. Gumdranis vatjonale 5 quod autem fub ipfFs contine-
v~ enrmedinm. -

1,711 Putaalium BD congruere. Cumigitur ACq
sty + + =+ BCq & ADq —+ BDqs fint ', , eormer- 7
52-.97.“. ceffus (25 AGB ;2 ADB) ceft gy, 4 QE.A; -
Cfisa7.10, gyia ACB, & ADB funt we per hypoth.

day., ¥
.r.\:. ' PR-6r LXXXIV. A

Biasel it Ei (AB,) que tim 3
T AY B D C rationali medism totins “111
SO st tantuny tongruir reba linea BC, porettic ¥
FncoMmenivabilis ¥uiflens totiy & cam tosa faciens
colpdfivim ipilsm ex ipfarushs quadrais mediv 3
qabdunren i_gﬁr continetur, rationale. .
~ ' Dic aliam B'D etiam congruere. 4 ergo fe &
B Lo Gansula ACE, ADB. & idébque 2 ACB, &2
clomygto, ADB fitiit py. ergo 2 ACB = 1~ADB ;ah?c i
$fiby.00. efty ACq 4 BCq—:ADy ~ BDg leﬂ?'-"i«_i
' QEA:L g ‘qu—l- BCq, & ADg +
- oo BUqTe gg per hypoth, - - )

i e

A

'*\{: N ‘>‘ . l.
’ ' N
. p
ProbP

N



T Liber X o

‘ Proe LXXXV. .
| B_G D - E(AB) e
A = / thm.m(edia_; ?qui-
#m. sotuw - fasit
Hna mntamrup-
IS I g grait velta ‘linea
N N BE patenvig.ihe

E {,

. - commenfurahilis
s e Leenifens toti Y o
I tim tate fuciens
r < b.ﬂ-;ompﬁ{:f:zx,
pferum guadygsis mefiym , enquod fubipgs conei-
o Heturs mediim, incommen, ura;‘i/eque mpofite I'd
- ipfarith qiadyatis. LT e
 Suppofitisiis quz fa@a & offedfa funt fn%z,
ujus; liguét BH, & KH effe ¢ “TL- EF. Potto

. ¢TLACE ,»bideoqqe‘EGA“l:L zACB

“345

‘Qg_“i“‘ancq —+ CB(]? heceft, reﬂnn o g) 1y -
e 1.6

ttque EG, KG :: ¢ BH. KH ; erit EH'T nse

. YH erag‘o‘EK eft apotome, cujus thngrnens KH,
. Haud Jlitér KM eidém apotomze EK. qu‘lglf‘ggx;c
. oftendetur; contra 30 bujus. . -* D

.

. " Definitiones. tertie.

St . ! ' f
E-..XPOﬁt;a tAjopali, & apotoma , fi tota plus
poflit quam congruens quadrato reftz linez
ﬁbl.lo,ngitqdiqe commenfurabilis; .
L Stquidem tota expofite rationali longit-
- dine fit commpgpfurabilis, vocetur apotomé pri=
m, . : o
. IL.Siveyq congruep; expofitz ratiomal} lon-
gitadine fit commenfurabilis  vocetur apatome
ftti]nda_ . . p
IL. Quod fj nequetota > neque copgruens
' °¥P@ﬁt£§t§gn#§z’ qvgi,tisé;i commenfura-

b\llf_s, ¥9Cetr Apotogme @me X Rute «

[ .




246 EVCLIDIS Elementorum

Rurfus, i tota plus poflit quam congruens &
quadrato refte {ibi longitudineincom- &
= | menfurabiliv; o ‘ %
1 V. Si quidem tota expofite rationali fit {
Jongitadine commenfurabilis  vocetur apotome
-quarta. g L
-~ V. Siverocongtuens expofitz rationali fit i«
-longitudirie cofnmenfursbilis, vocetur apotome

quinta. : . .

" VL.Quod i negue tota;neque congruess,ex-
‘pofita rationali fit -longitudine commenfutabi- &
lis, vocetur apotome fexta, B
- P'ROPLXXXVI 87,88, 89;9091. h
Ao 4 Cuus B Invenive apotomen priv .
- ~ - mam ; fecundam s tertiam, |

Ee——rF . quaptam.quintan;festem.

o "G ’ Apotomgdgveniuntur, 3

i B —— fubdudis minotibus bi- J{
" homiorum nominibus ex’ majopibus. Exemp.
Br. Sit6 44/ 20,bin. 1. erit 6 o/ 20, +

. Pot. 1. &c, Quare de_carum inventione ply2 X

> ¥épetere nihil eft necefle, ’ \
LEMMA, AC b
' . Sit_rellangnlum
A_DEC E b vestis A Bg;AD. pro-
1 ducatur AD «d E) &
i : bijecetur DE i B. firght
R T ' reftang. A GE =TFEq,
v _O'kzpmplcgp{)tdé reg'ﬂl:;
By oy gula AT &) N
’B R L .‘ftim wero quadratkm

L M—A H 3 @' e
g drapsm NO = G,
producanturgve NSR
osT.

“Dico primo,reftangul:
AI=IM3NO=
¥Oq ~+ 'SOq. ut pact
excopftr, ~  §&




PO Liber X . 147

5 Secundo 5 Reffang. DE=L0. Nam quia
: ‘riftang AGE e= FEq,b funt AG, FE, GE desstr.
| &, cadeoque AH, Fl> Gl i ahocefty LM, 275 *
F;NO .. atquiLM ,LO, NO dfunt = ;d a6,
5, egoFl=eLO f—= DK=—g NM." AN
' . Tertio 5 Hine ; AC—= Al — DK =~ FI'=sg.1.
i IM-+NO~LO~NM= TR. :
 -.Quarto, b Liguet DF, FE, DEefle't].. . bikre,
. Quinto, $i AE 3. DE , & AE T o/ AEq
s ~DEq kerant AG] GE, AE Q.. k18 10k -
i . Sexto,Ttem, quia AE! ‘T DE , m erant AE, bo. 10.
FE L. nideoque AL, FI; hoc eft; LM - NO :n",’, '
& LO funt ‘T, o o
Septimo, Item guic AG * “T1- GE," erunt AH 21.6.& °
_SLhoc et LM; NO 13- " *privn,
Oltavo, Sed quia AE!'TL DE, *eruni FE , ©'4.10.
.GE'QL. ®ideoguie reftang. FL O GLhoc efLO , -
T-NO. quare cum LO.-NO #:: TS, SO.1 ersint 1. 19, -
15,50 1. . . . B
Nono, $in ponatur AE ‘Y1 4/ AEq~ DEq 5 rrg.10. -
'erlu)mAG, GE, AE'rL. - oo, Rigge
ecimo 5 S Quare relang. Gl hoc eft 1o, 12
Tog, SOqer gy % At Gs boc ehso

i ' R

[

Al

Qs  PrRer




24¢€ E D IS Elementor
Prob XCIIL

A D F G¥ i fpatium AC comi-
— ¥ | meatuy fab vationali AB> |
A & Aporoms prime AD
(AE —~ DE;)reBfalines -
. T$ ﬂmi;m AC porensa-
. T | ?a‘mec A Co v.?;
‘ B L © K A1 " (dhibe temmaproxi- 5
. { AP me ahtecedens pro prz- °
& y paratione, ad demon-

) 4 |/ |7 ftrationem hujus, Igi-
, / | 4urTS=—4/ AC. item

5

: o . -'AG, GE, AE fun;;tl; 1
S . 4 ergo cumAETLsAB¢';
b QT B bautAG, 8GETD.
gzo.10. 1o, AB. cergo refangula AH&GI, hocet TOq
e74 . & $Qq funt g'a. d1tem TO , SO fuatp T )
©77" . eproinde TS éft 3potodre. Q. E. D, 4

- prer XCHL = i

Vide Schem. preced.

Si fpatiuns AC contineatuy fub vaionali AB,0*
~ . apotoma fesunde AD (AE~ DE;) refa linet
TS [patiam AC potens 3 medie eft apotome ptima. i

P

Ruffus juxta lemmaantecedens, AG, GEs

abp. - AEfunt TL. cum igitur AE afitp* “T}- AB !
bisto. berunt AE, GE etiam ' ‘Tl AB.cergo retan-"
€110 gulaAH, GI, hoceft TOq; SOq, funt we;
ﬂ;’"ﬂ 10. ditem T O TJ-§ O. Denique quiaD Ee¢ T
_ fiono.  AB.p". feritieQang. DI, ¢jufque femiffis DX

g7s-10.  vel LO, hoc eft TOS o'y g & quibus fequitur TS
: (v/ AC) effe medix apot. 1. Q.E.D. N

=S ALE

.

Propr .

L e ndanaditl
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PrRor XClv,
i ‘ < yide idem.

8i fpatium AC consineatur fub rationali AB &>
D HMomatenig AD (AE — DE;) refla binea
: -;r‘sffﬂtiﬂm ACpstens'y medie eft aporome fecun-

_Utia.przcedentiTO > & 8O funt 4. Quo-
tamigitur DE o eft p° T3 AB, beric reftang. s byy,
DI, cideoque DK § vel TOS wy. dergo TS ° 4 10

‘ “‘V{"C eft mediz apot. 2. Q.E.D. T dy6ie,
' P xo ». XCV. '
Vide idem.

Si fpasium A C contineatur [ub raionali AB, -
‘& apotoma quarta A D (AE~ DE) reffa linea
TS [patium A C potens, minor eft.

Rurfus TO #'g- SO. ‘Quoniam igitur AE slmm o150,
beft !, - AB, cerit AT, (TOq~+ SOq) oy :?o’l',“"_
Aquiut prius reftang, TOS eft uy, dergo TS dyy.1a,.
=4#/ACelt minor. Q.E.D. ™ :

. Pror XCVL
’ Videidem.

. Sifpatium A C consineatur fub vationali A B,
&rapotoma quinta AD (AE — DE; ) refta linea
TS [patium AC potens , eft que cums vasionali me-
timeotum efficit. - ce
Rurfus enim TO $O. itaque cum AE
Shto* 0. AB, b erit AL, hoc et TOq —+ SOq
#r.Sed proutin 93 re@ang. TOSeft ¢ v. ¢ pro- ;z’f.,, .
inde TS o/ AC eft qux cum gy facit totum cr¥.so.
B QE. D, B .
I ! . ! . PRro ’.v'
| ' ‘

L
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alimorso,
bre. ?o.

* ¢0r.166.

B U HK

#conflr,
by, 2,

€jaxa,
d;.qx, [

1.6,

 EVCLIDIS Elementorum
+ ProP XCVIL b
A D FGE Si fpatium A C conti-

i

= neasur fub yationali A ¥,
¢~ apotoma fexea AD
(AE~ DE;) refla
linea T S. fpasism - A C
] potens et que cum me-
P TT T dio_medium _sotwm ¢ffi-’
BL CNKHIU':., o
' . P Itidem,ut fepe prias,
Ve TO - SO. item utin
VA %6, Tog—+ sOget
A7 1 pr. re@tang. vero TOS
_ elt p’y , ut in'94. #deni-
¥ que ‘' TOq + 504
Q R | TOS begoT$
=4/, AC eft qua cum uy facit totum r
QED. o
; LEMM.A.
B, ' Ad yéitam quam-
A G =C_ wis D E* applicen-
i - L Lotur reflang. DF =
“ACY, & 1K=
"BCq ; ¢ fit GL'
bifeitainM; dufba-
_ quefir MN pardl.
GF. B

PP

et PAET e £t

o

v

.

Fo - N

| Se——

Erit primo, Refang. DK — ACq —+ BCqu¢
confPrattio indicar. - :
Setundo -, Refang. ACB = GN ,ve! MK.

o
I pr £

=)

, NamDKas—= ‘ACy + BCyb— 2 ACB -+
ABj. at ABqs== DF. ergo GK <=1 ACB.

& 4 oroind= GN, vel MK == ACB. L,
Tertio , Reffang. DIL — MLq. Nam qua

ACq.-ACBe:: ACB. BCq; hocett DMlil(- ,



Liber X. :
Mg MK.IX , eerit DI, ML ;2 ML, IL.fergo
DIL=MLq. R
Quarto, §i ponatur AC T-BCeris Dx 11,
ﬁCq. Nam ACq—+ BCq (DK) ¢ v
ACq. S

291
?|1.6-'

g 16,10,

' Qui'ngo, Item » DL 1% 4/ DLq— GLg.
Nam quia DH (ACq) "t IK (BCq) #erit DI nto. .,
"LIL. kergoy/ DLq— GLq 1 DL. £18-10.
' Sexto , Item DL“T)- GL. Nam ACq—+
; %gq_“u_n- é 2 ACB; hoc eit, DX ‘T GX. m ergo 1170’0,
* Septimo , Sin ponatur AC' T BC werit DL a 9. 1g
f'F-t/DL’_q- GL4, 3 y >werit DL 9 te
"Pror XCVIIL
. B -~ uadratrm  apo-
A-“-—-—ETL'R—‘C tome AB(AC ~
P 3 WBC) ad iationalem
DE applicatum , fa-
cit latitudinem DG
apotomen primem.
" . , Fac ut in lem-
B - ave : mate proxime pra-
E F N H Kcedenti.
Quoniam igitur AC , BC #funt ¢’ T} 2bn.
serit DX (ACq '~ BCq) TL ACq; ¢ 1:°Lg o
DK eft ¢°r. 4 quare DL eft ¢' “TL DE. eitem dixeo.’
reftang. GK ‘é
)+ " DE. gproinde DL ‘T1. GL ;4 fed DLq fas. s0.
1. GLq. gergo DGeeft apotome, & ! quidem %'f:'b.'-‘:'.vq’;
prima (quiam AC BC , & propterea DL k74 10 ©
Ty DLg~Glg) Q.ED, Tyt

2 ACB) eft uy. fergo GL eit p° emiip |
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ProOP XCIX.
Vide Schema fubfequens.
- Qgadratum medie apotome prime AB (AC =
BC )ad rationalems DEapplicatu s facit lgtith-

Binem DG apotemen fecundam.

82’»’,’,,;., Rarfus ( fuppofito lemmate pracedenti ) quia

§i4 10 AC, &BC 4funt p - b erit DK (ALq+
ehyp&efib, BCq) 1. ACq; ¢ quare DK elt p o exge
g " DLeélt . DE. ¢ item GK (2.ACE)
ﬁ? 10, = 7. fergo GL eft ¢ 0 DE ; gquace DL‘O-
Kigse > OL- b 5ed DLq T GLj. kergo DG et e
3 lr 0710, tome, qui vero DL ! . ¢/ DLy = GLg»
'.'; x f}- « " a1t DG apatome fecunda. Q. E-D-

' . PRrRopr C-
' advatum - me-

~

BC:) ad ragiont
. lem DE .ap!lmt}-
tum § facit lasitndi-
nens1>-G uporeyh

nr-«-i‘ ‘M,T L cundy AB (AC~
oy

813 18, A " wmr, #quae DL
blrmasea eft ‘p- T2 DE. itsm GK et wp. sunde GL ek
to. % ¢ ‘Tl DE;bitem DK Tl ‘GK, ¢ quare DL
dfhtse, T GL; 42t DL§ "1 GLq. ¢ ergo DG eft

fo ' apor.& &éﬂlesi! 3%gquiaDL -q.,/ gz’

8¢ 30, - .
l,m';mo. 6Ly

Prer CL .
' Vide Schema praced.
Quadratum minoris AB (AC w BC) ad ra-
. .  tionalens

A —E e gie  apotame, oo

- ~ tertiam. )
E F ,N HK _I;,éru'm’D‘K et

Lo e sieneinl



{ - Li’er X, 343

" timaleys DE applicatum, faciz latitndinem DG a-

potomen quartam. - ‘

Ut prius, ACq -+ BCq hoc et DK bt fpy

. stgo DL eft °p “T1 DE. at reétang. ACB, ldeu';,',, ‘

. oqueGK (2 ACB) *eft urs bquare GLeft” :u.w, ,

" @DE. cerpoDL'G- GL. 4t DIg L d;i;:::,'u, ®
GLq. quiavero* ACq ‘T3 BCq, ¢ eric DL' 1% :,hu;uo
v DLg— GLq: fergo DG conditiones habet ,3:"’ .’

. apotame quartz. Q. E.D. -

Pror CIIL
" Vide Schem, preced.

Quadratim ejus AB (AC —BC.) gse cum
rationali medinis totum efficit s ad rationalem DE
applicattm , facit taritudinem DG apotomen quin.
tam, .

Rurfus enim, DK et gy a quare D Left p*
‘B DE. iteh GK et p°yy & undgGL eltp", "IJ'.. ;?{."::.
DE.cergo DL‘T1- GL , 4fed DLq T GLq. §%; ',o
poro, DLe“TL 4/ DLq — GLg: ex quibus, | g

elimo1.10,
f.

5. dof ¥4

10,

/Dchﬁ: apot. quinta. Q. E. D.

. "PropPr CIIL
Vide Schema idem.

Quadratum efus AB (AC — BC,) gue cum
‘medio medium totum efficit , advazionalem DE ap-
-1 blicatum, facit lztitudinem DG apotomen fextam.,
1 Haud allter ; quamantea, DK, & G K fust
. p4; square DL & GL funt § “0O0-. DE. iteny g4y, 48,
DKp'rLGK, ¢ quar¢ DL T GL. dergo “’!f‘"""
DG I;[It‘ ?P-i,t.‘b/ cum igitur ACq T BCgyideo- &yo.v0,
que » 4/ DLg~ GLq, cerit DG. apot. 474 %
{esta. Q. E. D. 1 1 RO ey,

L

[

, Pio'v




I

v:ézs.ﬁ'ré. dprcinde S DF

- EY O LI UIV Eiementordam

Pror CIV:
. ) By £ ReBlalinea DE 4-
B potome AB(AC— -
D F B C) lmgitudine
® ) = ) commenfutabilis, &
: ipja apotome eft; atque ordine eadem. :
: . LEMMA.: -

' sit AB.DE 1: AC. DE. & A3 “T1 DE.
Dico AC —+ BC L DF ~+ EF. )
Nam AC.BC a:: DF. EF. ergo componen=

+do AC —+ BC. BC:: DF — EF. EF. ergoper- .

alem 6619, mytando AC ~+ BC. DF — EF ;: BC. EF.sat
biet%  BC T EF.#crgo AC ~+ BC ‘T DF —+ EF.
Q.E. D.

8126 a Fac AB. DE :: AC. DF. b igitur AC+
vome®d BC T DF —+ EF. ergo cum AC —+ BC ¢ bi-
<hp. . nomjum fit, erit DF —+ EF ejufdem ordinis bi-
de s nomiun : e quare DF ~ EF ejufdem ordinis a-
swies 0a 85, purome i, cajus AC —~ BC. Q. E. D.

NN f

Pror CV.

- Refla linea DE medies-
A- B ¢ porome AB (AC—~BC)
SN commenfurabitis 5 & ipfame-
1) E F  dicaporomegft.; atque ordine
R ! eadem, ’
a6 . Iteram 4, fac AB. DE’:; AC. DF¥. b quare
.bol:m.wl. AC ~ DL DF - EF, . ergo DF —+ EF
c68 w0 cttbimed. ¢juidem ordinis » cujus AC— BC.

jutdem dailis, cujus AC ~ BC. Q.E.D.

Prol

EF mediz apotome erit &



+ ¢ergo DF —+ EF quoque Major eft. ¢ & proinde 32 Py

|
|

|
\

ProPr CVI
‘ Refta linea.
b B € DE mimi AB
— (AC~BC
D 'y F commm[urabili:),

o & ipfa mivereft,
Fiat AB.DE;: AC. DF s efique AC «+ BC :zm.lop

T DF ~+ EF. atqui AC —+BCbeft Major, b b

0.

DF=EF eft Migor. Q E.D.
Propr CVIL

A B € Reita linea DE commen-
TSeTv furabilis i AB(AC ~BC),
B—-——-«-—F que cum vationali medium
1>Y totam efficit , &ripfacum
rationali medium totum efficiens eff.
Nanfad modum pracedentium oftendemus -
DY - EF effe potestem ¢'y , &, 9. @ ergo DF 378.10.
~ EF eft ut dicitur. = (

Propr CVIIL

A B C Refta linea D E com-
oo fosoeaes menfurabilisei AB (AC.
el . = BG) que cum medio me-
D E F diso‘rorum cfficit, &ripfa
cum medio medium totum efficiens eft.

Nam, ad normam praecedentium ; €rit DF —~-

EF potens 3 +, 4 ergo DF ~ EF eritutinpro- azg.to.
pofe ‘

ProOP..
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" PRoO 2 CIX

.- < MedigB v
s F X ‘ionali A + B
detratto, reflali-

H
3 B | neaH, querdi-
‘ ’ l 1 A quum [pativm A

B ] }pmﬁ,u{u exduar
bus  irrationali}
bus fit 5 vel apos
E Y tome , vel Mir

- - nor.
AdCD ', fac retang. CI— A ~+B; & FF
spanyt — B.quare CEa— A: (Hg) Quoniam igitur 7
bip.&  Clbeft fyycerit CKp"TL CD.fedquiaFlp et *
e updentEK g TL CD. cunde CK TLFK
435,10.  fergo CF eft apotome.  Si igitur CK TL-¢/
) ;,': .’:’ CKq =~ FKq. g erit CF apot. prima ; b quare v
gréf8s. CE(H)ett apotome. in CK'114/ CKq—
o, FKq, kerit CF apot. quinta. & proinde H (1/

10

f?inf.l;. CE) Zerit Minor. Q. E.D. ‘

Tosse. - . Propr CX ' N
-vide Schem. preced. ‘ '

Rationali B & medio A = B detratbo 5 dliedne
froationales fiunt,vel medie apotome prima;'vtl (224
. tationali medium totum efficiens. - 1
3saxs;  AdCD expof. j fiant reftang.CE— A —+B;&
biv& “FI—B,sunde CE= A= Hq. Quopiam .
833,10, 1gitur CIbeftyy: c erir CK ¢* 1L CD. fed quia
::;"::: Flbent froderit FK p* -0 CD.cunde CK 'T-
frg1e, FK.fergo CFcftapot.g nempe fecunda; iCK
z:;"f'f'. :{1’1 v CKq~ FKq, b quare H (v/ S}E) effme-
85. 10, X apot. prima. Sin vero CK "I} 4/ CKq—
M‘-bl.fy., FKq, # ctit CF apot. quinta. & proinde Hq(i/ :
s6te, ~CF)ecrit faciens uy cum f1~QE.D. 1
- - . PROP

[P st
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. Pxor CXL .
Vide Schema idem.

o Medio B 4 medigA —+B dctraﬂ'o,quod fit incom- -

. menfurabile soti A ~ B relicuge dxe ivrationiales

1, fmt , wel medie apotome fecunda, vel'cum medu

- wediom sotum ef ciens.

 Ad CDp* fant re@®ang. CI—= A -~B; &

Fl=B, s quareCE== A = Hq. Quoniam 3 e

. igier C1 et py- berit CK g' ‘o CD eodem: ',;’"" '
modo erit FK p*~ “T1 CD. item quia Clc'11. diie,
- H, dentCK‘tL FK ; equare CFeftapoto- ¢74, 1%
. meyf tertia fcilicet , fi CK . 4/ CK— FKgq, o,
. sunde H( 4/ C E) erit’ mediz apot: feeunda. 8% ‘?i'
o veum G CK ‘- o/ CKq— FKq, berit CF 1o, L

. g:t !]';xta k quare Bl erit facxenspy cuth . A

1 ! N
1

‘ PR 6P CXIL .
. &' - Apotome A non: e
"F b E E eulﬂ‘:, qnnxlmmu£ "
minibys.
Ad expols BC#,
fiat re@tang. C D ==’
. Aq. Ergo cum A it
) apotome; s critB D 2 g8 10,
v apotpnma ejuss’ congruens fit DE. b quare BE, b" o
» DEfuntg‘l‘g.\‘c &B ETLBC. Vis A efle '-"
! bin, er BD. eft bin. 1. ejus nomina fint BF , g%y s
\FD ueBF C— ED; dergoBF, FD funt) "*f#
%Fe"ﬂ- BC. ergo cum.BC‘D—BE, fes. 10.
’fmtBE‘u.FB-xerzo BE"I:LF,E he g;-ms .
| eitf. item quia BE &3~ DE) rerit FE ‘.; .':.'
1quate FD ¢t apotome, ; adeoque FD ef = fed l74.10.
ofa eft .. quee repu ant. ergo A male did-*
t\ll'bmmmum. $SR T e

l 5
A -

i
. — e
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Nomine 13 lingarum irrationalivm inter %

N ~ 7 fe differentivm. ' ,
1. Media.""":""‘ H Lo : z

. 2. Bx biats pominibus, cujus 6 fpecies. 5

+ . 3B binjs mediis prima. U e

4 Ex binis mediis fecunda. " i

5. Major. T Tk

-+ 'é:Ratipnale ag medium potens, ., o

... 7.Bingmedia posens. . e a;

. +& 8, bpotomey cujus etiam 6 fpecics: h
LMt 9. Modi@ apotomerimd. 1 L g
wln 1%a. Media agorome fecwdgg- 1, . e
A B o Minok . g R
s xee Cum vatonali mediam: (O ofi- !
L R W . o i
wr ot 43 Cum mediomediu totum effciets. [
 Cioks latitudinam differentie arguant differen- "

fids yelbarum , quardm quadratd funt applizart N

aliquam tasionaleny 5 feque

penfpitne foquitnr pas 13 ligveas iner JERFOITE:

L P Y

2 eF XL

\ : ' o uadeassin

yationalis A
eam y, g

biniy . ominibVs

BC (8D

"‘_‘-"A}R;.ﬂﬁ o N S o T i
.:4;. "_.,: L& 313 .133.,_.:’;‘! . ﬁu’gtl:ilg'lu \fm
ﬂg{m?bu: BD, DC ;]:ts, qustx bnmmnib;

N

demonfhratym et
dentibus,latitudines qué oriuntur ex applicationt W
qisdrasorum beram-L 3 Linearint inter fe.differrty
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o ., Liber X. , 259
¢ it eadem proportione (EH. BD :: CH. D C;5)
o adbes, aporome BC quee fit , eundem habes ordi-
. vew; quem ea BC,, que ex binis nominibus. 8 aver166,
~-AdDC minus nonien ¢ fat reftang. DF == "'
. Aq=RE;quare BC. CD5:rFC. CE. 4o b14.6
., dvidendo B D.D C - R.E. E C.chim igitur § D
T DC, et FEC ..ESL.(umJ_EQ,_‘
fatque EG. GE ;; EC. CH. Erudt EH ,
-~ Yomina apotoma EC 5 quibus cquveniunt : ea,
' 4% in theoremate propofita funt.! Nam ct‘ -
| ponendo BE. GE. (EC):: E d
| FLEH ,<EH. CH ¥::FE, BCf B ¢35 ¢
| DC. quare cum BD £ - DC, berit EH 7‘3—'3*;» :
4 CH; b& FHq T BMgi-ergo, quia FHg. bo. 10,
i EHgk :: BH. CH. b erit FH T CH, /ideogue 4 1¢.10.%

. C .
d‘r’:,g.

\

YCTL CH. Porro CDgelt § , & DF:GA)

€

B} A R
gelte’y, mergo FCeft * T3 CD , ghiard driam’ mas vo. -

| CHelte"" . CD.nigitur EH/CH funt p*,ac’e). 2 fih.0250.
utprivswergo ECeft apotemejcui coggruit CH. © 74>

| PorroBH.GHS:: BD, DG ; idlev pesnitanda
B BD »: CH. DC.'unde quia CH F i -

PO
PRI

DG rerit EH O BD. quinimo peheBD trii pro. .
¥/ BDy.~DCqjy erit idew BH Tk 4/ BHqs P15t -

CH. item i B T p* expof! etit BH M e+ |

dem'; Thoc git fi BC. fic bin. 1. »erit EO apoti Frap =
" vima. Similieerifi DC Q. ¢“expof. ¢ erit CE48.0%: © ",

| ok cidem gy whod.cit (i BC fit bin, 2.4 st e,
apot. 3 .

%650 BD 10 ¢/ BDqDCq 5 y et ;EH:"‘E-':';..:.}:

| ¥ EHq—~CHgq; fiigitur BC fic bih.4, vels; 36 10

vel6. eric EC fimiliter apot, 4> vel 55 vel 6,72 ™

QED. o o

] T R 2 P RO P

pot. 3. & @ ha¢bin. 3. iHa erit’ appr.0g; uadf.. .



2001 BV ULI DT 5 IvImermpurRny
) .~ Pror CXIV.:

. .. Qsuadratum r4s
Ao G Qu

B F G tionalis A ad apo-
S e tomenBC (BD= |
DR Sy ] . DC) applitatum, ,.
S o e el facit latitudinem BE

i IREER PR eam; que ex binis nos

gk , " minibus 5 cufus n®

l - minaBE, GE com-

p : menfurabilia fint ¢

¢ ' ,,",pomhaBC Mmimbu‘mDC , O ineadem pro-
. .partine 5 & adbic 5 que. ex binis waminibus it
o “(BE,) eandem babet ordinem y quem ipfa spirome
oL IBCe Y ST,
w66 @Hac(teltavg, DF == Aq ; & BE.FEbu
!‘i“r‘- ~rEG. G Qxcgu;iamjgimr 1%}: = Aq=CE, *
. Cagb c,ﬁm‘BD' BC ;7 BE. BF. ergo -pel'tonverﬁo-_ ’
< '~ e ratigpis. BD..C® 1: BE.FE :: EG. GF:: a
dig.q. 4B§z:'EG. fgd BD ¢<g). CD. fergo BG Q- &
. :""‘ ° GE: ‘ergdquia B,Gq. GEq g:: BG. GF. bent
g sornor61 B8 78 G F.K ideoque BG Ti. BF. perro !
nioso. . BD eielt py &reftang. DF-(Aq)¢ eft ey ter
f':::;g'. ** go BFelt § T BD. m &rgo etiam BG et § T-
m 0. BD: %ergo BGy GE funtf “T-. ¢ quite BE
fihsr0.; ot bin.- deniqueé igitar - quia BD. ‘CD : BG.
. GE; & permutando BD. BG :: CD.-GE; tirque *
< BD TR BG; rerit €D TL GE. ergo iCB fir |

) po/1g. "

.. apot. prima; erit B} bin. 1,8c- ut in antecedens 9
“es tL. el-gq"&c». ) Gl . e kY
N ~
.
v : pProk> A]
§ ol . K N



T—, o Lite'x. Y Y1
, PRoP CEXV. " a B
(e SIS
.} . :F"“‘* 1 s ' .-

; R [P

— ' . ‘J(D b

’ “ A <

¢ T

-L! o “x . 'B 1]

S patinm A B contineasnr fib apotoma A C .
- fCE=AE)) 0» ez , quaex binis nominibugCB 5
| t4jus noming CD, DB commenfurabilia fiwt apoto-
i menontinibus C E, A E , ¢in eadem proporsione
;- (CEAE 3 GD.DB;)refta tinea F fpatium AB
P””_",‘ effrvationalis. o Sl
»Sit G quavis § 5 & fiat re@tang. CH—=Gq. " |
.| teitigitur B H (HI- I Byapotome ;. & HI astsi0,
| %-€D»TLCE, s&BI T DB; « atque ,°
BLBI: CD.DB4:: C E, EA. ergo ‘Permu- ¢ g's -
taudo HI, CE :: BI. EA. ¢etgo BH. AC 3: d 1.0,
HL CE :: BI. EA. ergo cum HI 4 T CE>5 § %% 10
i ¢t BHTO. A C. f ergo feftang. HC TL 10
J| BA. SedHC (Gq) beftp'y. g ergo B A (Fq) Bfhuso.
ki, proinde F eft j- Q. B.D.
Coroli. )
. Hing, fieri poteft , ut fparium rationale conti-
‘| Deaturfub duabus retis irrationalibus.

PRoP CXVL

A medisc A B fi-
ant infinite iyragi-
onales BE , EF»
&c. o nulla alicwi
antecedensium - off,

, eadem. .

“Sit A C expof. -

. . R 3 ‘ P.ﬁt'- ‘

.
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EV cL1I DI Elementorum

3iom 18 0. §. fitque AD fpatrum fub AC; AB. aergo AD

- eft ¢’y-Sunfe BE=4/ AD# etgoBE eft p’»nulli

priorum eadem. nullum emm quadiaum alicu-
jus prioram applicatum ad ¢°, latitudinem efficit
medjam. compleatur reftang. DE; acrit DEp'y;

- & bproinde ER (4/ DE)ent ¢ 5 & nyli prio-

rum eadem. aullum enim priorum quadratum
ad ¢ applicatum , lautudmem efficit 1pfam BE.
ergo, &e.

v Pizc;‘p CXViL .

N " Propofituns fit nob;x nﬂﬂdl
o d veq 1£ gwba{;:ﬁgum BD#
SN thgwetpam A Gyuisri AR i

NG commfuukwcﬂe,, :
B ) C‘ Nam ACq. ARgsi &

R 1.5 ma%@ow‘}?

" Celgbratiffimume ch thevrem apd veter

: yes philofophos , adep v qui ec pefcireryy ewn

I'lato nep. homlncm eﬂ‘a,fed pccudem dlceM-
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-L1B. XI."‘ L
Definitiones. , . .

n Lo R Olidum e . quod longitudinem’,

P Laritudinem, & craflitudineny ba-
. .t

© 1L Solidi. dutem extremum

- E celtfupeaficiesi . - s

, - 11X kineavefa oft ad planumredla ». cum

ad re@tas ompes lineas , 2 quibusilla tangitug,)

. "quaque tn prépofico func planos refos angulos

O O Y R Lty |

- 1V. Plabum ad planum re@um. el , cam rg-

i fGelivee, quie'commuii planoram fedtiogiad
| 1efosangulosin uno pland ducuntnr»: alsgri

i planoadreflos fant angulok -« . e
. V. Re@2 linez ad planum inclinatio ef,
cum-a fublimi tevmino: reCta illius linex 3dpla-

‘oo dedulla fueric. perpéndiculasis ;. .arque-3"

‘purte ?sod/perpenditulhds in iplo plano effe-
certt, ad propofitz illius livém extremumpquad

in eodem eft plano ,%leera reta finea fuerit ad-

| junflas 6% yinquamsan ulneacurisimﬁftmteli-

{ nez, & adjun&ta comiprehentus.: : :

)
§

|
]
!
!

el S
V1. Plani ad planumvindinatio > eft angulus
acutus retis linels contentus » &ug in utrogue

i planorum ad idem communis fectionis punGug
dufte, reflas cum feiicneapgulos efficinor.
» VI Planum ad planum fimiliter incliggg
tah efle-dicieur, atque altocom-adialtetusy cum
dl&;‘ intlinationum anguhi inter fe fuedat -

! quales. . [ . ;
VIII. Parallela plana funt , qua "jnker fe
TX, Shoilos (olid Ggars:fune ; que il
- Ot ‘ot 5 que - -

,  bus planis continentur, gaql:.latimdine;qudlbu's. :
i X Aquales & fimiles folids figurx fune,
PN M . R 4 - quz
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BV CLIDIS Elementorum

'quz Gmilibus, plavis maltitudine & magnitys (

* dine zqualfbus continentur.

X 1. Solidus- angulus eft plutium quam dua-

rum linearum »'qu fe mutuo mminl%:nt 5 DEC
in eadem funt fuperficie , ad omnesiineas ineli-
natio.

Tl

Alitey, . .
i - Solidus angulus eft', qui pluribus quam duo-
bus planis angulis in. eddem non coufallentibus
‘plane ; fed ‘ad unim punétum conttitutis,conti-
‘petur. DR '

o X 11" Pyramis eft figara folida»planis con

preben(a , quz ab uno plano ad uaum punéum
“‘conftituuntur. o a

"% X 11N Prifma e& ﬁg;;lra folida, q‘l‘lzv ‘planis

: continetursquorum adverfa duo funt & zqualia .

& fimilia, & parallela ; alia vero parallelogram-
a o AV . .. g

‘ma. : . s . f S
o X1V. Spheraeft ,:quando femicirculi -
- nente diametro » circumdu@us femicirculus v
- ciccumaffumpta figura.

R ' ‘Su-arm._

- feipfum mrfus revolviturunde moverd coeperar,

Hinc rat‘inﬁih&nicm’tm ad fopecficiem

- fph=r inter fe funtzquales. ' .
X'V. Axis autem'{pheeri , eft quielcens lla
reftalinea, circum quam femicirculys converd-
. Lo Vi B
‘X VI Ceatrum fphrz eft idem quod &
femicirculi. PR

X VIl Diameter auiezﬁ {phzrz“ s eﬂ rc&a ;

‘quadam linea per ceatrum duta, & utcinque 3
dph=ra fuperficie terminata. _

- X VIIL Coniseft; qaindo re@angulitri--
anguli manente uno latere eorum, qua CIrGHIg" .

~@ani angulam, ciccumdudtom triangulum in fe-
-Ipfum myrfus revolvitur uade. moveri caeperats

.. hcumallympra g Apjue . quiese
bid } € o LN p M:

,-‘ U §
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:| linea equalis Gt Yekiqu , quee circa re@um an-

gulunrcontinetur , orthogonius erit conus’; fi,

4 vero minors amblygonius ; 41 vero major , oxy-
o gonius. : L N

i -X1X. Axisautem coni , eft quicfcens illali-
+ 'niea, circa quam triangulum vertituri
- XX, Baiis vero coni eft circulus qui i clacum-

‘dudla re@a lined defcribitar. - T ‘

"X XL Cylindrus eft; quando rectanguli pa<
ralldogrammi manente uno latere corum , quz
cirearetum angulum, circumdu@um partallelo<

©  gammum in %ipfdﬁ:" risrfiis revolvitur unde

£ ceperat moveri, circumaflumpta figura.

. XXI11. Axigaytem cylindd., eft quiccens
illa reta linea,cirtum quam paraliclogrammum
Convertitur. . Tor s

: - XX 311 Bafes vero cylindri funt cigculid
. duobus adverfis lateribus , que circumaguatur,

deferipti.: . o
;, XXTV. Similes coni & cylindri funt ; qué-
2 ‘fu'm & axes ;& bafium diametri proportionales
i ofam. T — AN
.~ XXV. Cubyseft figura folida fub fex qua-
& dratis #qualibus éontenta, * - -

.+ XX V1 Tetraedrym eft figura folida fub
4. - quatuor triangulis zqualibus & wquilatetis cong

tepa, _

XXVII O&aedrum eft figura folida fub
+ ofto triangulis 2qualibus & mquifateris contéa.
v XX VI1L Dodecaedrum eft figura folida
¢+ fub duodecim pentagonis zqualibus & ®quila~
5 tens & ®quiapgulis contenta. i
XX1X. Icofaedrum eft figura folida fub vi-
r| Bmti triangulis =qualibus & #quilateris conteg-
1t

XXX. Parallelepipedum eft figura folida fex
ﬁﬁl‘fis quadrilateris, querur qua ex adverfo p2-
N !

i 1% funt, cententa. — SO-' l

28§
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a10.6x.1.

) AL 1L,

“prse.conicunneur vel in an§
* bus, vel deniguein planis

A B '*‘ Phﬂﬁ- Nl . ,.: .
. Pataenim triahguli Dﬁkﬁmﬂwm’(}-eﬂ’m 4
. uno planio ; partem vero BDGB in altero- €0 4

~ EVCLIDIS Elemertoram =
XXXI., Solida 6guca in folida figura dick
turinfcribi, quando omnes anguli fgura ioferi-
s 5. vel ip lateri
gurz, cuiinferibi-

oM. .. [ - .o
, XX X1L Solida Sgura folidz fgurz vidl
fimelrcuimicabi dickur quando vel anguli , vel
fatera , vel denique plana figyrs. ciraumfriptz
-tanguet omues angulos figura;circum quam de- .

bi Iy

e

"
e

P : N o ;v.;..I;_ ‘ r §

w oo S Refla’ ligge pars que-
o = ',"‘;'daniﬁpc_nﬁzéﬁm'«&a
A -y plano, quedam vere Bin L
£ g Juhlinsi. e 5
" B PtqduC;xtutAC infub |

L e plano uique
_vis CB effein direfum.ipfi ACsergadug etz 7
"A B AE habeni comypyne fegmentumAG
JQUE N, R
fo SF due. yvele linte A_B’ ;
BCD]’: musug - fecent s M4
. no fupt plano <, ﬁ%ﬂf trieh- 1,
‘gulum emne DE? im0 'l.ﬂ

_refz ED pars EF oft in fubjeflo plano, pams )
“ro FDin fublimi s ¢ Q. E. A. érgo-trtan. um |,
EDB in uno ek phano; proinde & redz E B
4 qf“g’ I&) totz A B, D C in uoo plane exiftyol:

) Loy
Prel “

MR-
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’ ' Pror ITL i
L VR Siduwplana ABCD @
[ 3 7 fe mutuo fecent | communis
2' F torum feltlo E F eftreita li- a
o B e Y o

5 2 SiE F communjs fe8jo
ponclt re@a finea , « ducatur inplsao A B rp&th ® wrofe.
EGFya & inplopa CD "refa B HF: diaigitur
108% EGF2 EHF claudunt fpatiim. -3 Q": Al prgesn

4. BPRO P,“‘"IV‘? T

: . Si vl lidez EF vefbls
. duabusiineis AB, CDfe "
k ', mKtko fecdntibus in commin-
-

: - . . e REEE S
_‘::.;f:ff:;,::f‘:%;"ﬁz.‘;,s: o
Yo ) R

per ipfas plaxs ACBDad "
Hiﬂgi{ 1&5‘& erlt. i

. AcdpeEA-, EC, BB

.ED xquples , & jungere- '
eh o B &h&aAC,C,%;fD,AD.
P ani quavis re@a G H;Jungansurque
FA;I;% sn,?s; FG, FH. .. g‘,m'P,As o
SRR, & D E 4= C; &g, A E D b= deonfls.
CER; ceriv A D. = ©B.c ;;nntqrque AC— 25"
* DB. dergo AD paral.:C B, gx&' A C parall. ofis TN
* DR e quaie - ang. GAE — EBH: # & apg. 0. 1.
' AGE = EHB: fed 8 AEf == EB gerpd GE feonpe.
i =EH,4 ¢ AG== BH.quare ob ingulos reftos; 6% -

exhyp. .& proinde pares ad E; dbafes FA', FC yhas
¢ B3, PDaquantur. Trishguls igior ADE) . -
- FBC fibi'muruo #quilatera funt , g quare ang. r8.¢.
DAE == CBF*-ergo in trisngulis AGF, FBH .
4 I’SWRFG"’ FHt aquantur'; &~proindé~et'r‘am'l4. L
. Wangula FEG , FEH fibt muttio equifatera’

{me.” mergo anguli FEG » FEH aquales ac
* Propeeyed reddi fune. Eodem modo ¥-B cam 1'% L.

LN Y

omal~




268 EVCLIDIS Elesentorum 4
. omnibis in plano A D B C per E dudtis reflis -
osdafn. lineis re@os angulos conflituit, ¢ ideoque eidem
@ Planoteda elt. Q. E, D. ) .
_ PRopr V. ,
’ B Si refta linea AB rellis tri-
, » . bus lineis. AC, AD , AE f¢ u
- 2 MNEKO tangentibus i communi
AHa fettione ad vefbos angulos infs-
D farsillasresvede in wno funt
¢ plamo. | .
: YT "Nam AC, AD sfuntin
-uno plano FC. s item AD; AE funtin ynopls-
85.0% o BE. vistliverfa effe hac plana ; it igiur eo- -
by, Tum interie@tio b teta A G. Quaniam 1iuur i
U3 B A ex hypoth, perpendicularis et reftis AC:
‘eqve,  ADseadem ¢plino FC,dideoque feltz AG per-
d3defr.  pendiculyris eft. ergo (fiquidem & gAB eft in co-
dem cum AG; AE plano) anguli BAG, BAE«-
&% proiade pates funt, pars & totum. Q.EA:

.PROP VL -~ .

i

.

st

Ly

e

2 ¥

o B o @f. = Sidue reBe lineeABs |
:B&.L . DCeidow pleno EF adte -

. o)  &er fint angules ,-Wll:lé
< - erunt illa vedbe linee AB>
C P": Dc. R

o —d Ducatur AD,cui inple
" " no EF perpepdicularis fit DG — AB ; jungsn”

.« .turqueBD,BG, AG. Quiain trizagulis BAD.
sbp. . ADGangali DAB, ADG s reti funt; arquc
cqke.* "ABb=DG 5 & AD communis et ; ¢eritBD
., -~=A G; quare incriangulis AGB, BGDibt
a8, mutdo zquilateris ang. BAG 4 =£BDG; U
» .y Fun BAG re@us cum lie, etit BDG etiath 1

T Quas. aqui ang. GDC reus ponitur';  erga 1
es.u, . 23GDtribus DA, DB, CD reftach 5 ¢qu%:
wu. © ideo inugo fune pland,” f in qug A B.exiftit i
n . - ) . c‘m

-

A e IF

L 7 - ) .



p—— Ty A 1. . - ‘69
am igitur AB, & CD fint in woo plano , & an-

| guli inerni BAD, CDA re&i fint, g erunt AB, gst.n.

4 CD paralicle. Q. E. D, . .

. " Pror VIL

"R -Si due fint parallele rella
==/ine# AB; CD, in quaram
utrague - fumpta froe qualibes.
2 G fmi&;if 1) l;:';ll:dlimﬁ F,
# ua ad hec punfla adjungitnr »
¢ 3 » :lnnlen‘cﬂc_mn paralietis plax -
. mABCD. L

. Paumin quo A B, CD, fecet aliud planum
. prpun@a E, F. fijamE F non eft inplano .
= AICD , illa communis fe8io non'erie. Sit ergo .
i EGF. ehacigitur re@taelt linea. duz ergo
wéiz EF; EGF fpatiumaudunt.b Q.E.A.

P Ror VRIL.

a;. w '
bigexs

Si dae fing parallele ve-
Belinea AB,; CD, qia-
'fmd:lmd A FB{d relfor
suidam plans EF fit angnlosy
& ;elin:MCD cidem ple-
: S no EF ad reltos angnios
e r'm't. .

* Adfcita prazparatione & demonftratione fex-

7 t2hujus 5 anguli G‘ DA &:D D]EBR"(?:' font.

" strgd GD re@a eft plano per AD, DB (§ inquo .
;i 'egagr:A B, C D exiftunt.) ¢ et QSAD lpﬁs D :4"'::" ':‘
= et perpendicularis s atqui ang, etiam dre- ¢ 3.t
‘) s ke ergo CD plang EF reélacht. Q. E. P. &

PR

. Prek

| .

.

e -~
¢ T B .
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- BV WL UTTnTmwemenoram.

-P Row 11X '

B ngc(AB “C D) tidem

¥ ‘vellalines L F ﬁmt aralle

" e s fed nou in eodems cum
./1 . ;llwplm;lm guogue ﬁmt i

ter /'e pdmllcle .

» {u plano putallelarom AB ; SF du'cle per,

' pendicolarem GEF. frem in phano paratieterum -

. EF 5 CD ducIG: perpendicularem ad EF. ser-

EGre&zeﬂ plado per HG, GI-; eidemque '

p}mbreﬂzﬁmtﬁ H, & C1; aergoAH &
Clpzrandzfm Q. ED.

. P‘R°}’ X,
o . Si dne refelince AB., AC[G
o A . muiNe takganses addnas. ra&as ED>
) D E. [emntna tengentes: fint paralltt

ulos 94z
imjen

Sins AB,AC,D £, DFaqur

Flc:s mrerfe ,& ducantur AD,BC,

féE E , CF. CumiA B, DE
4 ﬁnt pm &Lua‘lcsf, b. elianr £, A
Paraﬂclz funk & zquales. Eiédpm odo € Fr

* AD paralfefe fyng, & zqu«les.’cér étiam E:

FC funt parallelx & @q:ialcs quantur
BC, E¥F. Cumigitur :mngﬁrmc*

~ mutuo aquilatera fint, qnsuh EMXC,EDEH
E b, :

guak: erunt.. | Co

A REEOET

R o BXE G
v j‘ bl Iam\)‘MFEJAmf""
25. - lind s ad Jubjeciuns phanih
['— BC P4 pdndicyiarem rellaw

1 lineam A1 ducere.

QS E LG In plapoBCd
4 2};3 quamvis D E, ad quam
ex A a duc perpen(‘icularem AF. ad eandemFPﬂ
. in

Cle, man’: #1 eadm plano 5 illean.
ales (BAC EDF) compre



T R R AL 2yt
. Finplano BCb duc normalem FH. rtumad FH aus. 1.
¢demitce perpendicalarer AT, %erft Af re@a pla- bur e,
nBC. . - o ) ,
+ Nam per educ RIL parall. D E. ‘Quia DE $334; -
4 dre@a e[lk)gd AF,&FH,eerit DE re%plano ey -’-" )
IFA; 3de°;¥!e, & X L eidém plan6fre&a eft. f ,‘,"; "
¢ F"ﬂ° ang. ArAwre&USV eft, g!qﬂ; ang. AlF gl’lﬂf-
efiam g redtuseft. ]'_‘er'gd‘ﬂ'f plano BC.refta et. ! 4™
Q.E.D. SRR
[ S
CPRow xrn - :

¥ i

BT i 3

D - Dato plao B-C, d pusély, .
ot B —y A yduod "1170'Jauin'eﬁ > ad
! '_ - yellos angulos. yeftam lineam

: AT E Jp AF exitare.

G .. A quovis extra planum

" puodo D¢ dug DE reftam plano BC; & junéta 4 ur. e,
* BAb duc AF pprall. D E. ¢ petfpicuum eftA F b s
~ PlanoBCretam effes Q.E. F. - e

¢ Pralice perficiuntur hoe 5 & praecellens pro-

. blema, i due norme ad ddtum punéam appli-

, Cemtur, uc patetex 4, 18,

» RPrer'XUL .,

" Datoplawo AB, Rpunls
D, quod in illodatubreft ,

L, duerelie imeCD,CB -
G ad reftvs anghlos nonexch

R tabuntur «b_ vadem pame

:as.n.'

e, - C

Nam utraque C D> C E plano AB4 reéta ef-
fet, ezdem 3e adeo p’arallelz forent, quod pa-
fallelarum definitioni repugnat,

PRror
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Prop XIV. o

. 272 -EmmmW

- Ad qué plant CD:FE :

=gy

o St =0 2

odnbergon- - - Lo
sefe G L 'jldtm r}é}d‘li'iu"AB "&‘5
T N efilla funtpavallele. .
AN oy .Sili{ga'sfplanaCD;'FE
N \A| & copcurrant ; itatt commu-
. li Bl nis fe@tio fit ieda GX
« " _fume in hac quodvis pus”
NDEY -, - 8um » ad quodin prop>
I TR T A “fitis ‘pla‘nig'duca;mr g“;
: { - unde in tri 0 ,anguit
Y Ay
. . AR PR
A . Si due_yefba linee AB,
' F "AC. Je mutuo tangenithy o
T e . M,‘reﬂjﬂrDE,DEﬁ
e 5 miano’ sangentes fint paralle-
B E ©la » non_in todem con ftenses.
3N T H N plaio “parallelafunt s qreper
-&illa dichntur ;. plant BAC Y
EDF.
. ExA sduc A & réftam gland E F.p Sintque
2%k, © H,G [garaliclz ad D E, D F. cerupt bepa
otk rallel® etiamad AB, AC. Cum igimr:_mg!.\li
fen.  IGA, HGA dfint redti, e erant etiam CAG)
BAG redi. fergo GA reta eft plano BC; atﬁ
)

-

esdemreQaett plano E F.} é'r"g”o plana BC
D e e - 2

funt pacallela, QE.D.

Tewo, e

' prof



Pror XVL -

r . Si duo plana paraliels
A B, CD,;plano quopiam
HEIGFE fecemtnr, commy.
nes illorum feFiones E H ,
'GF ﬁ;nt[drdllele. s
Nam fi dicantur non
efle parallelz , cum fine
in eodem plano fecanti s
convemient alicubi;, guta
in I. quare cum tora

3

. ‘ \
% FD
¢tiam ha¢ convenieat, coatra bypoth,
[
‘ Pror XVIL

‘ §i dua reite Iv'»e?; AT,B",
ALCF] CMD parailelis planis EF,GH.
E \ 1K émm(u‘g, dn. eafdem rasiones

[y

!

LU on] fecabuntur (AL LB::CM.

4;‘ ,a-r—“_ - M%) rf' .

: o) LDucantur in planis B¥ ,1 x

f - {B=——DR] relx AC, BD. item AD

LY occurrens” plano G H in Nj

e ' . junganturque NL, NM. Pla-
mﬁagulorum ADC, ADB faciunt fe®iopes

in
HEL, FGI «fint in planis AB, CD produdlis,. ¢4, ,

R

“3D,LN; & AC, NM « patallelas. ergo Al g16ee

i 1Bp ww AN, Npé;: CM. MD. Q.E.D.
& i : e

' . R S AR
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' EVCLIDLIS Elementorum .
qua fimitibus, plasis multitudine & magnites

* dine xqualfbus continentur. -
X 1. Solidus- angulus eft plurium quam dua-

rum linearum »'qu fe mutuo contingunt , nec
in eadem funt fupetficie , ad omngs lineas ineli+ |

natio.

Solid l“_,Alim-.- ; v-.d
. Solidus angulus eft' , qui: pluribus quam duo-
bus planis aogulis in eb?!em non caafaentibus

:plane 5 fed " ad undm punGum conflitistis; conti-
‘petur. | T
< X L1 Pyramis eft fignra folida > planis som~
prehenfa , qaz ab uno plano ad upum p m

“conftimuntur. © -

" £ X I1L Prifma et figra folida, que ‘planis
* * continetur,quotum adverfz duo fuat & ®qualia,

& fimilia, & parallela ; alia yero parallelogram-

‘ma. - D , S
o X1V, Spharaeft ,:quando femicirculi ma-
- nevte <diametro > circumduus femicirculus in

feipfum rurfug revolviturande maveri cocperat,
- circumaflumpea figura. S
R . geroll.. St
Hinc radli - omies: & centro ad fupetficiem
- fphar inter fe funt xjuales. " ,
X'V. Axis autem'fphere, eft quicfcoos flla
re&alinea, circum quam femicitculus converti-
e, S .
XVI. Centrum fpherz eft idem quod X
femidirculi. - o oG,
¢ - X VIL Diameterautem fphere > eft 1'9&3
-quzdam linea per centrum dua, & vtingque
Aphazra fuperficie terminata, -

t

X VITL Conseft; quindo re@anguliti-

anguli manente uno latere eorum, qua Circa-5g-
~@uni angulum,ciccumdudtam trigngulum in fe-
-ipfum myrfus revolvitur unde. moverd caperat
-arcumaffumpta figura. - Atjue fi qni,e{cpnslli‘e&“\
- LA o ned

‘in
i

kel

<

,,,,,k L sttt



T “Liber XT.0 . ¢
livea zqualis fit feliquee , quse cifca re@um an-
gulum-continernr , orthogonius erit conus; fi,
ero minors amblygonius ; 1i vero major , oxy-
:| "gontus. © :
A
i nea, circa quam triangulum vertituri -
1 "XX. Bafis vero coni et circulus qui 4 discum-
e ‘duéta re@a linez defcribitur. -
i "X XL Cylindrus eft; quando reftanguli pas
rallelogrammi manente uno latere eorum ,
circa re&um angulum, circumduétum parallelo-
»  grammum in {eipft¥m- rirfus revolvitur unde
: _cteperat moveri, circumaflumpta figura.
. XXII Axigaytemcylindti., eft quiecens
- illarefta linea,cir%ugn quam parallelogrammum
i, Convertitur. Lo e
s - XX3IL Bafes vero cylindri funt cisculid
1 ducbus adverfis lateribus , que circumaguatur,
a deferipti. 0 o .
-, XX IV, Similes coni & cylindri funt , qué-
ﬁu'm & axes ,-& bafium diametri proportionales
wot. - c »
i~ XXV. Cubys eft figura folida fub fex qua-
2t drais tqualibu? lontenta. © -
+ XX VL Tetrgedrum eft figura folida fub
i| ~quatuor triapgulis zqualibui &-wquilatetis cong
| temta. . . A
XXV II O&aedrum eft figura folida fub
i -olotriangulis #qualibys & =quilateris contéta.
|+ XXVIIL Dodecaedrum et figura folida
¢+ fub duodecim pentagonis zqualibus & =quila-
terls & ®quiaogulis contenta. B
. XXIX. Icofaedrum eft figura folida fub vi-
7| ¥ntitriangulis zqualibus & ®quilateris conteg-
| ta -

XX X. Paralielepipeduin eft figura folida fex
figuris quadrilateris, quarum qu ex adverfo pa-
raglklg funt, cententa. . . .

. X1X. Axisautem coni, eft juie‘fceng ilali-'

XXXI. s,c' .
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210451,

at il.
i

“pere.conlicunneur vel in angalis, vel ip Jates:

A
-"uno plano , partem vero B1y(B in altero. ergo

“ro FD'in fublimi, o Q.E.'A. erpo-#riangulum

p——p——

EVCLIDIS Elementorum

X XXI. Solidafigura i folida figurs dici
turinfcribi, quando omnes anguli fgara: jaferi-

© bus vel denique in planis figurz, cui jafribi- 5
< SR - - .
XX XI1L. Solida figura folide figura vidil-

-fraxeircuinbceibi dicitur; quando vel anguli , vel

laterd , vel'denique plana figyra cirumfcripte
-ganguet omses angulos figura,circasn quam de-
oomibiwgr. - e Loy
[

S 3 X S
" ‘Reffa ’,’[;"q“e.’::ﬁpd;f que-

"‘ . S dang ﬁ:d_npn in fubjulio
A e plano, quedam, veroCBin (
il : i e fublimi. n';" W I
e LA e P'rqducatur"Aéxqfub» /
. * 'je&lo ‘plano ufque ad F. .,
_xis CB.eflein direum ipfi ACsergo du relte
sQFN. - A
P e
P ‘ M ' SF due yeBe lince AB)
. DCD/‘!’ mutiy - fecent s Wby

N L2
,-'~F < ‘c,;,mﬁwtplma 4 aigue
T E NG gulnm omind LEBInam ¢

Pataenim l‘ﬂaﬁglﬁf DER partem EFGefleiv ¢

refiz ED) pars EF oft in fubjeQo plano; pars &

£DB in uno c# plano; proinde & redx ED,EW;
‘&2:’ g_"?‘F A B, D C in uno plano exiftynt:

=V NP ey RS s

Prop

l




T o Liber X1, SO 267y
: Pror ITL @
1 A SidwpanaAB CpDe
& C — = 7 fe mutuo fecent | communis
2‘ orum feltto E F eftrelta li- a
‘ g e Y B

—— 5 .2 SiE F dommuajs fe&io

® poneft re@afinea , « ducatur inplano A B rpdts * V2ot
¥ BGFya &inplapo CD ‘refla EHF: ddamigitur

ret# EGF2 EHF claudunt fpattum. 5 Q. B A. prqene

oAt P R o P“.‘.l v;? Y o virs

. : . 8i rela lidee EF vellis '
;o B duchustineis AB., CD
b 1114 o muing fecintibus incommu
- ACHINC nifestione B ad velbos angii- . ]
L I‘ lot infiflar : ills daBectiam " -
AN - per ipfas plass ACBDad 0"
" R ongules selféserit. i
‘ . AcdpeEA , EC, BB,
] B ED zquales , & jungere-
| P E ducandqua i & H ;%GBD’ e -
vis-recta nga; ue
| FA¥C,FD, FB. FG, TH. ttapcbors AE -
: 125“‘,&_DE l":;ECi& g AEDbK= 'bm”.:'- :
# CEB; eeriv. ki D.v= ©B.c patiterque AG= ¢, ’;."
#1 DB. dergo A D parsi). C B, & A C patall. 4/ 34.c.
v Db e quafs ang. GAE ——"BBH # & apg. ., ...
 AGE== EHB: fed 8i AEF = EB g'érgo GF fempr.
v ZEH,8's AG= BH.quare ob angulos reftos; 86-*- -
¢, xhyp. & proinde paves'ad E; »bales FA ;- iy bas.
1 B3, FD equanewr. Mrisbguls igiter ADF} ~ . o
| FBC fibi'muruo #quilaters funt , kquare amg. k8.¢. -
% DAF == CBF:-ergo in trisngulis AGF, FBH .~

ltoraFG-5 THI @quantur; & proinde’etiam’1q. v

tangula FEG , FER fibi mutio =quilatera’

. . merpo apguli FEG_, FEH mquales ac or -

| »propteres redli funt. Eoflem modo FEB cum 1o,
. : om

)

ri-




268 EVCLIDIS _.I:'qutentommw

. omnibds in plano A D B C per E dudtis redtis -
osdfn, lineis reos angulos confiuit, « ideoque cidem

° thote&z‘ueﬂ-. Q.E,D. .
o ' - PRoOP V.

13

bus lineis AC, AD , AE fe

' mktuo tangentibus ir: communi
i\ N L feitione ad reftos angulos inff:
e D fat s illetresteite in uno fant
G plane. .. .
Y7 "Nam AC', AD «funtin

#ino plano FC. s item AD; AE funtin ynopla- °
83.9%  no BE. sistliverfaefe hec plana ; fit igiaur co- 2

b3, Tum intetlectio b tefta A G. Quoniamn liitﬂ‘f
' B Aexhypoth, pervendicularis eft reftis AC:
eq 1. AD;eadem ¢plano FC,dideoque fetz AG per-
43451 pendiculasis eft. ergo (fiquidem & {AB eft in eo-
‘ dem cum AG, AE plano) anguli BAG; BAE -
@i, & proiade pares funt, pars & totum. QE.A.

' .PROP VL -

o B . Cl. - Sidue yeBe linee AB,
1\ L .- DC eidem plana EF adrt-

o BRI Sy os fint anpulos ; phrallele
° D) : ne angulos 5 pa
C : - eran:iuar:g;tim;AB:

o 3 . DC. Lo
s F Ducatur AD, cuiinpla-

3

v "noEF pere_eédichlaris fit DG — ABj jungan”
- turque BD, BG, AG. Quia in trizngulis BAD.

shp.  ADGanguli DAB, ADG s rei funt; atqie

cqmpe.t ABb== bG 5 & AD communis eft ; ¢ erit BD
., - =A G; quare intriangalis AGB., BG

48.¢. ' -‘murio equilateris ang. BAG4=(BDG; quo

© ,,rumBAG re@uscumlit, crit BDG etiait o'

. @us. atqui ang. GDC recus ponitur'; . erga 1€

er..  22GDrribus DA, DB, CD refactlt 5 ¢ qu¥i

fi'q, © ideo inugo fuar pland,” £ i qua A B exiftit 5

' . ) ) cum

B3 _j Si yefta linea AB refkis tri- ‘

CEREE=I— |

Lan g

PR

[UURPEL bt
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cum igitur AB, & CD fint in uno plano , & an-

i guli interni BAD, CDA re&ti fint, gerunt AB, g 8.0

| CDparallelz. Q. E.D. . .

L Froer VIL'

‘ ;8 -8 duc-ﬁn; ﬁralldc relle
linte AB; CD, in quarnns
uivaque . fumpta fint quelibes.

- G. puh&adﬁ 5 l;:&illclincﬁ F

e > ghe adhac punBla adjangitar

- € I R :1” codem eft cum parallelis flo’ :

- wABCp. - -

.. Plasumin quo A B, CD, fecet aliud planum
-+ perpue@a £ F. fijamE F non eft in plano
; ABCD , ilia communis fefiio non‘erie. Sitergo ‘
B EGF. shzcigitur re@taclt linea. dux ergo oo
w redz EF, EGF (patiumflilauduntb Q.E.A. 31

bigexs,
P Rop. VRIL .
o

Si dne fint parallele ye-
BelineaAB) CD, goa-
yum alters A de rettor
cuidam plans EF fit dngnloss
A & reliqua C'D cidem pla-
A Yme 10 EF ad yellos angwlos
! , F erit. 4 o .
% " Adfcita praepatatione & demonfiratione fex- -
B hujus ,'P anpguliGDA & GDBrg&i_funt.
" strgo GD re@a eft plano per AD, DB (finquo —
a 'egam AB, CD exiftunt.) ¢ ef, quD 1pfi (‘: ‘2 o :f":
;i ek perpendicularis s atqui ang, etiam cyif
‘ Gug grg. eergo CD plano EF teﬂacﬂ Q.E.P. f:".::

PORY il

. Pre%

“

Lo
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*PRow® 1X :

A H - B Q,E“(AB "CD)éidem -
_E_jf:‘F ‘refla lines £ F fint pavalle. ¥
le s fed non in eodem cum &

c I "o zllts}l‘tno;t.e quogque ﬁmt in

ter fe parallele. . 5

» o plano pataielorom AB ; 8F du'cﬂG pem ¢

" pendicularem GdEF. frens in phaio paratlebtrum

gt EF , CD duc1@G: perpendiévlarem ad EF. ger- |
be«.  go BG reflaeltpladoper HQ. GI'; (!demque
¢ 61 planob refa funt A'H, & CI; t'éfgoAH &

' Clpzrnllelz(m Q- ED.

P o i’ X, .
o " Si dre reﬂ.e.!mﬁe AB, AC[¢
. A | NG tawgentes adduas. re&as ED»
) D E femutun tengentes: it pardllé:
; k,mnan’u»n&m plano 5 ille am-.
iul“ aquales (BAC EDF) compre-

Sm;,A B,AC,DE,DFzqu- |

Fles mterfc ;& ducantur AD,BC,
mﬁ)’q BE GF. CuniA B, DE

abp.é oﬁnt‘paxa ::qpa).c» b. ebiamr I}E,

<anflr. araflelz fune, &3 mquales. Etddgm 1080 C Fs
ou f\D parallele fine, & 2qua xes,%emm E,

e

B

&

=4

rx-x .

&jo.1.  FCfun araﬂelm&z safeg, | #quantur g0

avt BC,EF. PCumlzlturtguug@'B')gC,‘ i |
mucuo equilatera fine; :mguh E§C, EDE':
quales erun;.rQl Dy )
G ‘ ’\_P('\ROP"X.I{ :
TR DY SRR ucrm?mmmf-b*
Fhr - lbgrd < ad Tubjelwns piansd
) ; { iDC‘p-v rei/arem RBar 4
1 lineam A1 ducere. g
T E LC b plapoBC‘f

.ia;;} quamvls D E, ad quam
ex A'aduc perpendicularem AF. ad eandem per

Fin

o~

P

e




‘i
i
}
i
!
b
]
2l
L

- : BE
_ Finplano BC b duc normalem FH.tumad FH an.«. :

. deénétte ptrpendicularer AL ‘erft Af re@tapla- b .
©

) e d conflr.
drcflach ad AF, & F Heérit DE re@a lano e4 1.
[BA; adeogie & KL eidem plagéfreia et o) i
gergo ang. K TA retus et ftqui aug. AIFE heenftr.

z diamgredlusel, Vergs AY plans BC teta eit. ! 4%

QE.D.
o T e

i EEE . i
JPRow XIL

D - Dato platio BC,3 ua&g
' B |F y A yiquod "iﬂa'dafh;heﬂ;é : ‘

- . yefbos_angulos. peltam lineam

AT E Jp AF exvitare. ,

i ..+ . A quovis extra planum
pusdlo D #dng DE reltam plano BC; & jun&a a . e,

[ 211

+ Nam perY educ KIL parall. D E. Quia DE 335, -

'

BAb duc AF pprall. D E. ¢ perfpicuum et A F B3t %

Plano BC reftam effe. Q.E. F. e
- Pradlice perficiuntur boc 5, & pracedens pro-
blema, i duee norma ad datam pun&am appli-

centur, ut patet ex 4o 13
+ o RPrpeop XIIL .

.. Datoplano AB, §punia
D, quod in illodatubseft .,
by ducrelte ineeCD, CE
S «d. reos amgulos non sxch
R tabuntur ab. vadem pare

te. . - P

Nam utraque C D C E plano AB4 relta ef-

fet, ezdemque adeo parallel forent, quod pa-
talielarum definitioni repugnat.

Prowp

a6 1t

i



*. ayz - EVCLIDIS BRI
. Pror XIV. .

by G o Adquaple C D FE
sl 3 U eadem rjh‘ Jiniea’ A B refts
Yo L efbyilla fung parallelé: o
S of \ E s liega’s,p}qn;CD,T E )
DR . gofcurrant ; itaut commL=

) “'nis feltio fit tela GH;
. fume in hac quodvis Pus”
“DEV” ., “8um s ad quod in Propo-.

z

_aipds “fitis “planis ducaptur U,
ff.’,"‘. IA,1B. undeintiangulol AB> duo,angull i

IA?) lBAfflfeCﬁ funt. 3 Q. B. Al
3 \ o Si dua_yelte linee AB,
A F AC Je mutuo sangenses; &b

: ¥ ias reftas DE > DE fo

<t

s 5 mutwo tangentes fint paralle- 7

B BNy le,ponir codem confiflents.

3N T HN plaios parallelafunt > quaper

= eilla dicuntur- 5 plans BAC 3

‘ EDF. . ¥

tiun . ExAeduc A& o flach £ F.b Siotque |
2. G H,G Igaralicle ad D E, D F. cerapt hepa-

ds.d51  poflele ctismad AB, AC. Cum igieursemuli

fe 01 IGA, HGA dfint redti , eerunt etiam CAG l

tohr.  BAG refli. fergoGA o BC; g4
te 1h. . fergo GA reta eft plano BC; & \
- ' eademredaett gp[;no EFE.}* éfib plang B’C ;\ﬁ
funt parallela, Q.E.D. . ® s

B¢ ;o
LA

'prof

~% @ i T




R

R R Y

=Y

HY,
B Fp 5
HEL, FG1 « fing in planis AB, CD produdtis, e,y . .

E
(&

A
G

| ,Eli:"’:‘:lo |
22 triaaguio

Propr XVL -

Si duo plana paallels
A B, CD, plano quspiam
HEIGF fecentury commuy.
nes illorum felfiones EH,
GF ﬁmt[drdll_ele. Soea

' Nam fi dicantur non
efle parallele , cum fine
in eodem plano fecant s
convenient alicubi,. puta
in I. quare cum totam

¢iam hac convenieat, contra bypoth, |

 Propr XVIL

S due yeite lr'm;:: Al B,
CMD parallelis plaris EF,GH,

1K fecensui , in.eafdem rationes
(own fecabuntur (AL LB::CM.
- -MD.)

Ducantur in planisB¥ , 1 X
teftz AC, BD. item AD
_occurrens” plano G H in "N

. jungantrque NL, NM. Plas
: rum ADC, ADB faciunt fe@iopes
8D,LN; &AC, NM « patallelas. ergo A]',. ::."6."'
LB ;; AN.ND b ;: CM. MD. Q.E.D.

¢ .
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Pror XVIIL

1 P Si vea lina
' AB plano cuipiam
c CD adrellos /1{ ane
‘ — xlos; & omnid.qne
E H B G ier ip’jhm AB plana
(EF, &c.) eidens
D plano CDud redos

~: . angulos erunt.

Duéum fit per AB planum aliquod EF 5 far

:ciens cum plano C D fectionem EG ; & cujus
as.v;  aliquo pun&o H in plano EF « ducatur Rl pa-
B8 nall. AB. perit Hl refta plano GD ; pariterque
% aliz quavis ad EG perpendiculares. ¢ergo pla-
' num EF plano CD reftum efts eademque ratio-
ne quavis alia plana pec AB dué@a plano EF re

&a erunt. Q:E:.D. N

Ty Pror XIX.

I .  Siduo plana AB,
At €D, fe mutno fecans
d -+ tik,plano cuidem

o § B los, communis es1am
G ] \ - illorum feftio EF “
e D yeitos eidem plav

T (GH) mgnla:e’r”-

Quoniam plana A B ; CD ponuntur
plano GH , patet ex 4. def. 11. quodex put™
B in utroque l;;lano AB, CD duci pofiic P

s ;end:cnlansp :o GH; qu=eunica eri:_ 3.
erea corundem planorusm communis {80

Q':%. iy planorum com

PRroP

AL \ ad yeflos fint, angi -

Cegor ¥ at

F o

e

e -k




Pror XX
D - Si folidus angulus ABCD

tribus angulis planis BAD »
A . DAC, BAC ‘contineatsr 3 ex
| bis duo quilibes , usus affumptiy

: B E tertio funt majores.

. Sitres anguli funt #quales, patet affertio ; fi
 Inzquales, maxirhus® eflo BAC. ‘ex quosaufer asy, s
 BAE=BAD ; & fac AD=—AE ; ducanturque
 BEC,BD, DC. ' '

. Quoniam latus BA commune eft , & ADb=

' AE;& ang, BAEb=BAD ;¢ erit BR==BD. ¥ ™"

. [[dBD + DCdC—BC.e ergo6 DC C—EC.cum die.1. -
 igitur AD b= AE , & latus AC communeett , £ 53"
. #DCC— ECH, erit ang. CADC™EAC. g ergo g4ex.n.

. 1gBAD =+ CAD ——BAC. Q.E.D,

" P RoOP XXL

’ Omis Jolidus angulns fub
C o mimriibu;‘ > quam quatnor reltis
BL angulis planis, coptinetuy.
AN/ gBao[ folidus angulus A 3
ES planis angulis illom compo-
F " nentibus fubtendantur reQz
kS . X BC, CD, DE, EF, FB_in =
# 80 plano exiftentes. ‘Quo fatka_conftituitur
+ Pyramis , cujus bafis eft polygonuin BCDEF ,
‘vetex A, totque cin®a triangulis quot plani
anguli componunt folidumA.” . Jam vero quia
duo anguli ABF,ABC s majores funt uno FBC, esoin
|9&duo ACB, ACD majotes uno BCD, & °°
 fic deificeps , erunt trianguloram G, H, I, K, L
drcabafim anguli imul fumpti omnibus fimul
angulis bafis B, C, D, E, F majores. b fed angu- bsssn
libafeas una cum quatuor reftis faciunt bistot ~
1eos,quot fuptlatera, five quot triangula. cEr- ¢ gamt
: $0 omnes tefangulorum cir;a bafim anguli una
: 3 cum

i
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cum 4 re@is conficiune ampliys quam bis tot
reftos quot funt triangula. fed fidem anguli cir-
cabafim una cum angulis qui cemponunt foli-
dum, componuat &bis tot reflos quot funt tri-
angula. Hquecergaangulos folidum angulum A
ccmgountu quaenor rectis effe minores.
Q. B.D. \

dss, 1.

Propr XXIIL o

ALK,

T i Sifuerst wes anguiiplani A, By HCT, qrerim
duo utlibes lﬂ’mﬁ?rd" fint majoves 5 compre- ©

bendant auvem ipfos vefte linee aqugles AD 5 AE

FB, &co fferi poteft-, wr ex reilit lineis DE , FG)

R sequales illas. vellas.canetentibus. srigngulum
coppisarir. . - )

s xjiva conllitni potelt triangulam., fi duz
FiR quatibes reliqua magores exiftant 3 fd itafe 15 -
r.  haber.Namé fac apg. HCR =~ By & Cx=CH}, *
ssr . dycantupque HK, IK. ¢ ergo KH ==FG. & quia *
o7 g .xcg:—-m, «tit KT = DE. fed /3 }
Il + KH(FG; ) ergo DE I ML+ ¥G: Si- 3

mili gamenta quEvs dua religua majores -
n 5 & proinde ex 1is tu';ngulum 80D~ -
@mwﬁ, QRED !

Ea - 3

A

Al

“

(S PRV

PRroP.



‘ Liber X 1.
PrRor XXIIL

D E
Ex tribus angulis planis A, B, C >quorum-due
oemodotungur affumpti religho funt majires , foki-. .
dumenguium MHIK conflituere. * Oporret autem * +HA¢
illos tres angnlos quatuor reflis minores effe.
. Fac AD, AE,BE, BF, CF, CG =zquales
inter fe. Ex fubren(is D&, EF, FG (hoceft, .. . :
. txiequalibus HI, IK, KH) afac triang, HKL 243, 1o
; dreaquod b deferibatur circulus LHKL * Quo- at.0 ©
" niamvero AD C— HL ;.¢ it ADq = HLq =+ o1& -
LMq. 4 fitque LM re@a plano circuli HKI 5 & wiom. .
, ducantur HM, KM, IM. Quoniam igitur ang. Yibatn
. HLMereQus eft , £ erit MHq = HLq —+ LMg e3.df 1.
~ 4= ADq, ergo MH = AD. fimili argumento ;.5
"MK, ML, AD (id eft, AE, EB , &c.) @quantur;
v ,fl_rﬁo cum HM——AD, & MI-— AE; & DE by— {'3”{_'!-
: B, kerit ang, A — HML;¥ fimilicet ang, IME =™
. =B ¥& ang. HMK == C. Falus eft igicur
- anguliss folidus ad M ex tribus planis datis.
© QE.F, Brevitatis caufa aflumptum eft , effe
ADc-HL , id qued in variis cafibus demon-

Rraturny vide apud Clavium, -
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. o
PRrRoP XXIV. b

Si folidum AB ¢,
| o . B pardlclﬁ plaris con- mj
© vineatny 5 adverfe 3
D - illius plane (AG)

DB, &c.) parallelo- 5
G gramma funt fmilié
© equalia. i
A Planum A C ‘fe-
. ' cans plana paral-

-lela AG;, DB;s facit fe@iones AH, DC paralle-
Ias.Eadem ratione .AD, HC parallelz funt. Ec-
go ADCH et parallelogrammum. Simili arge-
mento reliqua parallelepipedi plana fontb pa-
bis.dof.e, rallelogramma.Quum igitur AF ad HG, & AD
crour. - ad HC parallel fint,¢ erit ang, FAD — CHG;
dsg 1. ergoob AF4—HG , &AD4—=HC ; ¢
%% propterea AF. AD :: HG. HC, triangula FAD,
3 by GAH¢ fimilia funt & b zqualia ; proinde&pa |
#6ers.  rallelogramma AE, HB fimilia funt & & zqu+-
: lia. idemque de reliquis o ppefitis planis oftende- |

tur. ergo, &c. - o
~ Pror XXV
S folidum

Qs P_F - ‘c. P parallelepipe
L a /I dum ABCD
, Q]| plamo EF fut-
swr  adverfi
/- I/ml/H V planis AD,BG
paralielo s erit

A E B K quemadmodum X
L‘f‘}SHédbﬂﬁm BH, x'mﬁh'd“m AHDadfoh'- 0

1

£

sg. 11,

L

oy

J

BT

dnm BH p

. ConcipePpp. ABCD produci utrinque. %
¢ipe AI—AE, & BK — EB ; & pone plam
IQ.: KP planis AD;; BC parallela, parallelos

gramma

- B o -



[ “oer. 4% - . T D9

gramma IM;AH, ¢ & DL » DG, 5 & 1Q, AD, #38.0. &1
EF, &c, s fimilia ac equalia funt 5 ¢ quare Ppp. ‘y ,: -
AQ=AF ; atque eadem ratione Ppp. BP = c 10dfo 11,
BF. erpo folida ?F , EP folidorum AF , EC z-

uemuleiplicia funt , acbafes 1H , XH bafium

H,BH. Quod fi bafts IHC ™=, "9 KH,de- 18,115
1it fimiliter folidum IF =, =5 EP. eproin- s6.df5r
deAH. BH :; AF.EC. Q.E, D. L

£¢c eadem omni prifmati accomniodari poffune ;
't N . . . :
i coroll. -

Siprifma quodcunque fecetur plano oppofitis
Planis parallelo, fe@tio erit figura zqualis, & fis

milis planis oppofitis.
Prop XXVI

Ad datam ye-
Eam lineam A B,
‘ejufque  panium
A;conflituere ano

, gulum  folidum

EAHIL, equaiem

F  folido enguiodato
CDEF.

A punfto quovis F s demitte FG plano DCE 4q¢, 1.
reltam ; ducanturque reétz DF, FE, EG, GD,
CG.Fac AH—=CD, & ang. HAI=DCE, &
Al'= CE ; atque inplano HA L, fac ang. HAK

;o =DCG; & AK == CG. Tum erige KL re&tam

plano HAL, & fit KL= GF. ducaturque AL.
eric angulus folidus ABIL par dato CDEF.
Nam hujus conftruétio illius conflityjtionem pe-
nitus mulatur, ut facile patebit gxaminaaci, ¢c-
gofatum, - ot

F

$4 PRror. .




250  EVELIDIS Eementoram
o Proe XXVIIL
IR : K p Adara reltd
. : : linea AB, dus
¥ i 1 et | Jolido. paralicle-
' M —emet~] fiipedo CD fimi-
. E ‘I(e‘@-{imiliﬁer po-
- g etum pavallelepi-
L A 3= _ {edmfAKdefch ]

- ere. ~
. Ex angu!is planis BAH, HAI, BAL quia- .i
es6 . quales fintipfis FCE, ECG, FCG, « facangy-
b12.6.  lum folidum A folido C parem. item & facFC. |
#ss.5.  CEr:BA.AH.bacCE.CG::AH. Al(iiinde
erit ex =zquali FC.CG :; BA. Al;) & perficiatut -
Ppp. AK. erit hoc fimile dato. .. :
Nam per conflr. Pgrad BH, FE ; 4& HI, |
dvif6. EG; & 4BI, FG fimilia funt ; & ¢horum ideo |
*3- 1% oppofira illorum oppofitis. ergo fex plana folidi*
fodgin, AX fimiliafunt fex planis folidi CD. fproiade ||
" AK, €D (imilis folida exiftunt. Q E,F. - o

PrRoOP XXVIIL

‘ r————— B Si folidum_parallelsfi-
N 5/ ' pedum AB plans FGCD
: TN fecesur per diagonios DF,
: ‘g - |72 CG adverforum planc-
: If! - . A yumAE, HB,bldfi‘”
Af———H fecabitur folidaw AB. ab
_ . ipfoplane FGCD.
G 3 Najin quia DC,' FG ¢ 2quales & parallelz
568 Fant 3 b planum’F G CD eft Pgr. & proptes
.8 PgraAE, HB xqualia, & fimilia s b etiam tri-
.-angula AFD, HGC, CGB , DFE aqualia &
fimilia funt. Atqui Pgra AC, AG ipfis FB, FD
setiam xqualia & fimilia funt. ergo prifinatis ™.
EGCD AH omnia plana zqualiafunt , & fimi-
. ,lmilami omnibys prifmatis FGCDEB; & ¢ pro-
inde Koc prifima flli quatur, . E. D. '

£

ProOR

e . s,



Liber XI. 18t
Pr o P XXIX.
Bf——f LK
Yo wvis e
E H ’
F M [
. A B N g ' .

A
Solids  parallelepipeds A GHEF 8 CD,
AGHEMLK 1 fuper.eandem bafim A GHE

- to»ﬂuutft, @ * ineadem altitudine ; guorwm infi- & 1aeflineer
fgenfcs linee AF,AM in itfdem collocantur rettis "’:A“élt‘l ';..
lineis AG, FL, funt inter [ equalia, FLRD. &
NamGex s &qualibus prifmatis AFMEDI, fie intellige
GBLHCK commuine auferatur prifma o et 1u.
Npmecr, addaturque utrinque folidum AP
AGNEHP , } eric Ppp. AGHEFBED = 53X "
AGHEMLKL Q.E p: -

JPRKor XXX

1

Selids patallelepipeds AD.BECHEFG,
’ ’ : . AD-
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ADCBIMLK fuper eandem bafim ADCB con-
flituta, & in eadem altitndine , quorum infifientes
tinee AH, AYnon in iifdem collocantur retkis line.
is, inser fe funt equalia. '
Nam produc reftas HEO , GFN; & LMO,
KIP; & duc AP, DO, BQ,CN. serunt tam
. DC, AB, HG, EF, PQ, ON; quam AD, HE,
GF ; BC, KL, IM, QN, PO zquales inter fele
b1g.1%, & parallelz. b Quare Ppp. ADCBPONQ uuri-
trique Ppp®. ADCBHEFG, ADCBIMLK =-
qualeeft ; & ¢ proinde hecipfa inter fe zqualia
fupt. Q. E. D. .

Pror XXXIL
A_ D¢
A ° AN
1, —B [ty
Kc P R\
AN

A—L 5 BT
" Solida parallelepipeds ALEK GMBI,

* siirets, CPeOHQDN fuper equales bafes ALEK,

* papndi- CP2O conflituta’s & *in eadem altitudine; -
L {5 . . .
o baffs 5" qualia B[ant inter fe.

Fs.ax. 1.

#lanum op.~ Habeant primo parallelepipeda 4B, CDIe-
pefitum. rera ad bafes re€@a ; & ad latus CP produ&um
a6  afatpgr. PRTS xq. & fimile pgre KELA;
‘.’;7«;"-‘_0 badeoque Ppp. PRTSQV YX 2. &fim.
o Pppo AB. Producantur O«E ,ND g, oP Z
DQF, ERB, 4V3,TSZ, YXF;&ducEhH

: - By, ZF. I
Siedfu. PlanaOs N, CRVH, ZT YF ¢ parallcla
,:’{; funt inter fe; 4& pg® ALEK,C PuOs
" PRTS, PRBZ zqualia funt. Gum igin.x_rglg-

P

=

- By



e

wt T wd

!
}
L |

. Liber XI. :

CD.PVsa ,::pgr. Co(PRBZ.) Pee :: Ppp-
PRBZ QY 4 FE.PVsa,ferit Ppp. CD f=
PRBZQV?F s —PRVQSTYX b— AB.
Q. E.D. :

Sin Ppp? AB, CD latera bafibus obliqua ha-
‘beant ; fuper eafdem bafes, & in eadem altitudi-
ne;ponantur parallelepipeda, quorum latera bafi-
bus fint reta., # Ea inter fe , & obliquis &qualia
erunt ; » proinde & obliqua AB , C D zquan-
tur. QE.D. ,

Proe XXXIL

Cr—a G K

D N

L)
L b
N
A 3§
_ Solida paratlelepipeds ARCD , EFGL fub ea-
dem altitudine, inter fe funt ut bafes AB, EF,
Produ&a BHI, s fac pgr.FI—=AB, & bcomple
Ppp. FINM, Liquet effe Ppp. FINM.
("ABCD.)EFGL 4:: FL. (AB) EF. Q.E.D..
Proe XXXI %I
Similia folida paral-
c Q8 " lelepipeda ,f A ch D,
BNY EFGH, inter fe [unt
in triplicata ratione
P homologorum  larerum
Al) EK4

N\ AIL , DIO, BIN.
tF 0« l\.t." & & fant IL » 10,

G RA ‘:1 K Producantur relta
S

IN ipfis E X, KH,

E K KF zquales,badeoqu;‘

283 .
fors "
Bomger

k19 ve.
me, éx.1.

248 3.
b 3. 0.
cyL 8,
dig. 18

a3 1.

by, 88
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c3n
dbsp. .

«r6
f32. a0,

geonflr. 5

D10 def §.

k1.6

e3. 2

| FINR

5;1.".
¥ .

e}

+ eonfly,

| LIV A

“

"EVCLIDIS Elementorunt
& Ppp. IXMT =2q. & fim Ppp° EFGH.
¢ Perficiantur Ppp s IXPB , DLYQ, Itaquede-
ritAL IL. (EK) :DI. 10 [HK) ::BLIN.
( KF; ) hoc eft Pgr. AD. DL :: DL. IX =
BO. IT; fid et Ppp. ABCD. DLQY::
DLQY.IXBP:: IXBP. IXMT. (¢EFGH.)
becgo ratio ABCD ad EFGH rriplicata eft ra-
- tionisABCD ad D QY , A vel AT 2d EK,
Q.E.D. ' ‘

Coroll.

Hinc, fi fuerint quatuos lines rée continue
proportionales, ut eft prima ad quartam, ita eft
paraMelepipedum - fuper primam defcriptum ad

paralletépipedum fimilé fimiliterque defcripum -

fuper fecandam.
PRop XXXILV.
: & . Equdimm fo-
- Z f¢ lidovum parallele-
v pipedarii ADCB,
< I ] EHGF ‘b
(4 o altitudines ree

V L. / H ciprocantsr €AD.
A E —) ° EH :: EG
’ "CAC. ) E:r quo-

rum j’olid:;ru’}x parallelepipedernms ADLB EHGF

baﬁ{: & aliitidines yeciprocamtur 5 illa funt &-
qualid. S )

+ Sint primo fatera CA , GE ad bafesrefta ; fi
jam -folidorum alticudines fint pares » etiam
bafes ®quales etunt, & res clara eft.” Sin altito-
dines inzquales fint 5 4 majori EG e detrahe EI
== AC. & per 1 dduc planum TK parallelum
bali EH. itaque -

1. Hyp. AD.EH ¢ = Ppp. ADCB.EHIK 4
Ppp. EHGF. EHIK ¢::'GL. IL e:: GE. IE.
(FAC;) ¢ liquerigitur effe AD.EH :: GE. AC.
Q.E.D. : ‘

2, Bp- ,

R ool

—

— ettt
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_ 2. Hyp. ADCB. EHIK h :: AD. EH 1 b3

| EG.EIl:: GL-IL m :: Ppp. EHGF. LHIK, }by :

| squarePpp. ADCB—EHGF. Q, E.D. mi
| Sint deinde lateraad bafes obliqua. Erigan. 895,
. wrfuper iifdem bafibus,in altitudine eadem, pa-

,  rnallelepipeda refta. Erunt obliqua parallelepi-

. pedahis 2qualia. Quare com hz¢ per 1. partem

. 1eciprocent bafes & alticudines , etiam illa reci-

. procabunr. Q. E. D.

Coroll,

Ruede parallelepipedis demonfivata funt Prap.
29,30 31, 32, 33> 34. etiam conveniunt prifma-
tis triangularibus 5 que funt dimidia parallelepipe-
da; u¢ pates ex Pr. 28, Igitdr, '
ba}. Prifmata triangularia ®que aka funt ut

es.

2, i eandem vel &equales habeant bafes, &
€andem altitudinem , =qualia funt.

3. *Sifimilia fuerint, eorum proportio tripli-
«ata eft proportionis homologerum laterum.

. §1 2quaha funt, reciprocant bafes & alti-

tudines. & fireciprocansbafes & altitudines, =-
qualia erunt. '

Pror XXXV

, b, Si fuerint duo

B Q E [ plani anguli. .
f BAC, EDF

~/ . > wquales, gquorum

L B Nll R K w‘{mi:ibn: A, D,

. G' frblimes  velle

\ . . linee AG, DH
U infiflant 5 que cuzn lineis primo pofitis angulos conti~
#neant equales,utrumq; usrig; (ang.GAB:H.DE‘i
& GAC=—TH DF.) infublimibus autem lmm_
A G, DH qualibet fumpta fucrint preia G, 1;19:

!
!
t

 —
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b3.4f. 002 re@aplano BAC ; b quare anguli LMC, LMA, |
LMB; eademgque ratione anguli HKF, HKD,.

cq.t
da8. v

oqr. 0.

f16.1,

g4t

b3 ex. 1.

Kk 16.8.
1411
meonflr,
By &
3 x
08

T EVCLIDIS Elementoris

© ab bis ad plana BAC, E D Fuy in quibus conff-
funt anguli primum pofiii BAC , EDF ; duite fu-
erint perpendiculares GI, HK 5 2 punBiswersl, K
que inplanis & ]cymdicularibus fiuns 5 ad angulos
primum pofites adjunite fuerins rele linee Al ,
DK; ba cum fublimibus AG , DH equales angilos
GAM, HDK comprebendent,

_Fiant DH, AL zquales , & GI, LM patalle-
12; & MC ad AC, MB ad AB, KF adD¥,
KE ad DE perpendiculares, ducanturque redz
BC’ LB) LCJ atqué EF)HF; HE 38 E&que LM

HKE reti funt. Ergo ALq ¢== LMq-+AMq
¢=LMq < C Mg+ ACq¢ = LCq—+ACq;
" dergo ang, ACL reltus eft. Rurfus ALqe=
LMq -+ MAq e== LMq—+ BMq ~+BAq e=
BLq—+ RAz. 4 ergo ang. ABL etiam reftus
eft. Simili difcurfu anguli DF #, DERedti

func; fergo AB—DE; f& BL==EH; f&
AC=DF ; & CL — FH. ¢ quare etiam BC

= EF, £ & ang. ABC— DEF, g & ang. ACB
== DFE. undereliqui & re@is anguli CBM,
BCM reliquis FEK, EFK zquantur. k ergo
CM = FXK, !ideoque & AM = DK. esgofi
ex LAq »— HDq. auferatur AMq=—DKq,
» remanet LMq == HKq quare trigona LAM,
HDK (ibi mutuo =quilatera fun, ¢ ergo ang:
LAM=HDK. Q.E. D.

Coroll.

- Ttaque fi fuerint duo anguli plani quales
quorum verticibus fublimes re(t® line @qua-
Jes infiftant, qu cum lineis primo pofitis angu-
los contineant zquales, utrumque utrique;erunt
d punéis extremis linearum fublimium ad plana
angulorum primo pofitorum demiff perpendi-
culares inter fe #quales ; nempe LM — HK.
PROP

[P . ‘..._..——A

a2}

PRI E I S A ]
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AN

i il S

Liber XI. = 187
p Propfr XXXVL

Si tres relte -

. —»H Nyee DE, DG, DF
T proportionales fue-

_I'l (R .u‘n{; uodex his tri-

F bus ;t Jolidum pa-

tallelepipedum B

7 E v K H, £q€a?uﬂ de-

Jeripto dmedia linea DG (IL) folide parailelepipe-

401N, quod equilatersm quidem fie , equiangulum
oero predicto DH.L )

Quoniam DE.IK 4 :: IL. DF, 4 erit pgr. LK
= FE. & propter angulorum planorumad E &
I, aclinearum GD,1IM zqualicatem, etiam alti-
tudines parallelepipedorum ‘®quales funt , ex
coroll. preced. ¢ ergo ipfa inter fe &qualia funt. e3r.11.
QE.D.

PrRop XXXVIL’

Va7 g

A B c D

Si quatuorvefle linee A, B, C, D propoptiena-
les fuerint , e folide parallelepipeda A, B,C, D
que ab ipfis & fimilia, o fimiliter deferibuncur,
proportionalia erunt. Bt (7 folida parallelepipeds ,
que & fimilia , &~ fimiliter deferibuntur ]{erg'tu
proportionalia (A.B :: C. D) & ipfee velle lince
A.B,C,D proportionales evunt,

Nam rationes parallclepipedorum s triplicatz | g o0
funt rationum , quas habent linex. ergo i A.B pzsayy,
2 C.D. berit Ppp. A. Ppp. B :: Ppp. C. Ppp.

D. & vice verfa.

s by,
b 14.6.

PRrRoP

-
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arn v

be & s,
defrn,
iy b,

2341,
b:‘g‘.'.
cq’n.
dfeb.ag.,
€340
fo.n &

P r-o® XXXVIIL
Si planum A B
GAE 5 all plewum AC

relkum fuerie , &0

K N E Cab aligwo punito

: E eorum , que

Junt in nno plasorum (A BY ad alreram planum

AC perpendicularis EF dudu faerit , in plansruin

communes feidianem AD cader duita perpendics-
lavis EF. . .

Sifieri poteft, cadat F extra interfeGionem

AD. In plang AC s ducatur FG perpendicula-

ris ad AD; jungaturque EG. Angulus FGE bre.

Qus eft; & EFG refus ponicur, ergo ia triangus
lo EF G fuot duo anguli recti. Q. E. A. .

PRopP XXXIX

A e S folili paralle
pivedi A, eomm
qre ex adverfo plano-

C rum AC , D Blaters

! N (AE, FC, AF, EG

i M\l B & DH,GB, DG, HB)

p R bifatiam felta fint ; per

Qt - [etiones autem plna
QG

s

Yl

extenfu; planorim com”

: — .
muzis feitio ST , & folidi parailelepipedi diamesst

AB, b-faviam fe mutno fecabunt.

Ducantur reltz SA, SC, TD , TB. Proptef
s lateraDO, OT lateribus BQ, QT , bangu-
lofque alrernos TOD , TQB zquales , ¢ etlam
bafes DT, TB, & anguli DTO ,, BTQ zquau-
tur. Zergo DTB eil reéta linea. eodem modo
ASCreftaet linea. Porro ¢ tam AD ad FGs
equan FG ad CB; fideoque AD ad CBrg#

p.ro:'nde £.C ad DB parallelx & .zquales {unp

b q!IRIC

Y ILQO > PKMR finr.

I

VRS Ly aer o



. Lber XL a8y

-~ hquare A B,& S T ineodem plano ABCD exfi- by.an.
funt. Itaque cum anguli AVS, BVT ad verti-:. . .
cem; & alterni ASV. BTV, iequeéntur; k& AS rrenic

. =BT ; erit AV == BV, } & $V= VL. Jibe ¢

- QE.D. ST s

Lo ceral

, .. Hinc , in omni parallelepipedo diametri one.

y Besfe mutud bifecant in uno punéto, Vo . . .

; . R T

; . PROE XLi. -

). e . o K

e Nk e

GERVAITIE A

LR/~ N b

PR

:

;, _ Sx f;cerint; dup prifmata ABCFETY, [} H,Mlnb
o equalis altitudinis.quorum bot quidem habeas bafim

="

| ABCF parallelogrammunm,illid vero GHM srians :
golam § dliplumgautem- fuerit’ pivalfelogramniig e

ABCF triangsli GHM ; eqpalia erunt ipfa prifs

nais KBCFED, GHMLIR,

Nam fi perficiantur parallelepipeda AN,GQ; .. .,
s¢runt hac 2qualia ob b bafium AC , GP; & :,3":"'
saltitadinum @qualitatemy dergo etiam prifina- gyer.
©, * horum dimidia, #qualia erunt. QE.D. e¢igp . . |

| Scbok o sk
fi P
¥ B haltenus demonfbrasis babetur Jimmﬁo pri-
5 [matum triangwiavism , é'q“{“'ﬂ!”x"‘#'i“?”.’ f”‘
1\»; p)’n}dklepi;ﬁ:uﬁ » fE nimirsm aliisudo ducatnr in
¥ baftm. . , .. .
© "Uifi alricudo fit 10 pedum, bafis veropedum.
i quadratoram 100 {menfurabitur autem bafis per
3 <h 35, 1xel per 41, 1.) m#uphca oo per ; ;‘3.

W e S v

dniv Tl

/.

, L ———
— .



ol EV CLID IS Elmsntoram

0% tpmniunuoouyedu subicd 9onoh¢{t:teprxf

matis dati.

:’"{‘ﬁ% A Nam uemadm " rﬁaogulum sita & pa-
! ‘i'aﬂekpipedum;ﬁe uniproducitur ex altitudine
' dudtain bafim. Ergo quodvis parallelepipedun
producitur ex alutudmam bafim du&a, ut patet
ex3e. :

Dein cqmtomm ‘parallelepipedum
catur ex aldrudine in totam baEm, femx{EOd |
(hoc eft prifina tribog ucetur exald-
du&nmdum ;q,bz m 5 nexgpe trian

gulum e ' e

vamf ———?3 3

r

Nm,lkumym q ie]x‘gbi:;é i folidem
Pprimanm effs feviper adYunBagp, in nghlss; -
fitterarsm yero que Myrmdm;plnmﬂ

jis. .




IS SO

i (OFMG) an

FM.
M ur‘gp ABC

LIB: X{k

‘PROP'._ L

NGy Ve funt in giveulis ABD Fclmpgo B
i X < fimilie ABCDE , FGHILK,\H!*&T
fe funts ut quadnm € dmmcm: AL,

' Ducaﬂtm*AC BL, JFH ;GM
omam aang ABCZFC GH;‘ ¢AB. B
G.GH, yerira ACB ( cAI,B Yoz
Efem A%FGMJ«:&,&& da
Pproinde’ zquales funt. e go'man U,fin
1'Gi‘ll::qnim: afu% { quars AB” FB'“! KI»
F GHIK 3 AL
‘] HON inLidl LA

t‘orou,

Hmc (qma AB: Pd* \AL‘ @Mm m Glf:
&) x;)ly onorym il tireglé {nferipto-

P ‘v" hi. Il&
e §v '




392 EVCLIDI,
‘ Pror 1L

pme s md o e

) 7
RN LA AU
-, CicWdi ABT ., EFN ingr o /7
ﬁmt » gHemadwodum quddratad
Hiametris AC, EG.
“ ¢ Ponatr ACq. EGq's: drc.

ABT. X.iDico 1 = circ/ BFN. @ o
" Nam primo;fi fieri poteft,fit I =Jcirc.EFN,

L fitque sexceffus K. Circulo EFN infcribatus

sphy, ¢ ° quadratum EFGH ; # quod dimidium eft ar

g Gamforipti quadrati,adeoque femicirculo majus
383 bBifecaarcus EF, EG, GH, HE , &adpundla
;3 4" hifeftiomum jupge re@tas EL, LF, & pel

efib.iyi42 dus tangentem PQ (e quz ad EF paralielaet,)

& produr HEP-, GFQ_; eftque triangulum

Y9 ELEddimidium parallelogrammi EPQE, adec-
. que majus dimidio fegmenti ‘ELF ; pariterqué
reliqua triangula ejnﬁgnodl reliquorum fegmes-
torum dimidia fuperanr, Et fi iterum bifecentut
JueRL,LF; FM ;. 8c. refzque adjungs- |
. -$ut; eadem modo triappula fegmentorum femif-
i "2'*,-" fes excedent. Quare f1 q ﬂmm 'Ei-'Gﬂ &
1 circulo BFN , & ¢ reliquis legmentis triangls
énes, * detrahantur, & hoc fiat contintio’ 5 tandem ere-

Aabit, magnitudo aliqua minor quam K. Eo-
- ufque perventum fic , tiempe ad fegmenta ELy
L¥, FM, &¢ miroraquam K ,%mul flll,:: 't

' P

1f g o

= —

£

— : . . » . .



T_ . , l“” eru R z}}
pta. ergo ] (f circ, EFN 2 polyg. fhr. &3
ELFMéNHO (circ. EEN m re:)nfm.ﬁx,% 2

&c.) Circulo ABT infcriptum g puta fimile po- g0, 528 -

| ﬁ(onum AXBSCTDV. itaque ' quum;* %%
BSCTDV. ELFMGNHO b3 ACq, kv,

EGq#:; circ. ABT. L acpolyg. AKBSCTDV Aigp., - &

. 23 drc. ABT. meiit polyg. ELEMGNHO, 12 1582+ -
1. fed prius erat 10 ELI"MGNHO qu=,
fepugnant,

‘ Rurfus , fi fieri potdt s il Cidirc. EFNr

x,_ %omaml itur ACq. EGq". cm:. ABT 1;%%

) mvtlrfetis . cirg, ABT EGq . ponel.

drc. ABT 22 circ, ' EEN. K ergo cirey, ABT

T K7 atque EGq. ACq :: circ. EFN. K. Qz pn.’ﬁ

’ !

i repugnare modq oftenfum eft. -

‘ QEngo concludendym cﬁ,guod I= cua EEN.

vey

Coroll, " o )

] Hmc, ut circulus eft ad. circulum , mpb}y RS
umin illo deferiptum ad ﬁmxle polygonnm m o
Wdﬁfmptqm

Pro t, III ,
omsiis pyinis ABDC
wwiangulayem  habens ba.
fim, dividitur in duas
ramides AEGH , HIKC-
aquales & fimiles inter
o mmgulam babentes
bafes s & fimiles toti
ABDC ; &~ in duoprif-
matd equalia BFGEIH , EGDIHK 5 que dso
pnﬁsam majora funt dimidio totius pyramidis
C

LA

T, E= G TR OV N D

Latera pyramidis bifecentur in pundtis E, ¥,
H, LK ; junganturque re@= EF, FG, GE»
mﬁl’ s¥E,KG, GH, HE. Quoniam latera

T3 o

_ oW T




294 EVCLIDIYIS Elementorum

s pyniisidds proportiofralleét fe@®a fipt 5 o erunt

A g . ‘%JHS;GSGF 2 ARy & IF,DC; arque HG,
=N DEs eoparalielx ;Preinde & HE, PG, & GH,
- FI petalléle fone, Hguer iﬂgiturtxiau%ula ABD,
bt AEGSEBF) FDG, HIK 8 equiinghlaefe; &
.+ iqtattvor altima ¢ Equari:godem modo trangula

6. ¢ ACH, AHE} EIB, BIC, FEK wquiangufa fint;
& guatnot poltreiainter f¢ 2qualia, fimiliter

triangula BFL ,FDK, IKC , EGH; & denuo

.. trisbgula AHG,GDK, HKC ; EFI, fimilia funt

*-" &'zqualia.’ Quinetiata triang. HIK ad ADB,&

EGH ad BDC, & EFl'ad ADC , &FCKad
w s ABC 4 parallal fiint;Ex quibus peripitue fequi-

#5875 oo s pyramides AEGH, HIKC. zquales
effe; totique ABDC; Binter fe¢ fimiles. deinde

- #10 MU Gida BEGETH,"FGDIHK prifinara fge; &

quidem 2que alta,nempe fita inter paraficlaple

.0aABD, HIK. verumbafis BFGE bafis FDG

frent.  fouplexcelt. quiteditta prifmata squalla fiot

$4%" quorym altecum BFGEIH pyramide BEFI, b
' et AEGH majus eit, totum fua paree ; proin

duo prifmata majora funt duabus pyramidibus,

todufque adeo-pyrhmidis ABDC dimidium ¢5*

W

:‘.»
BN S
o B P
. -‘_)(i'hﬁ * ’
CanlapE . meni
IR I S R O

Sonkopertgen,

E RS N TR

[£- G-

[ —_



3 c A .
kP amiJ&ABCD‘fEFGH ejuf~

£, trtangnlares babtnies bafes ABC,
5 s illavums hiraque divifa & in duas
Prawides (AILM,MNODS & EPRS, STVH)
ofiisles inter fe , e fimiles saiig & Iy duo pafPiiade
equalia (IBKLMN , KLCNMO 5 ‘& PFQRST,
QRGTSV;) wé éoders modo dinif £t utraquepy-

ramidum, qus ex; [upeviore diviffope nuta funt 3 id-

que femper-flde; evit us unius pyramidis bafisat ol-
serius pyramidis bafim , ita dropnidy qué innue
Pyremide, prifata ad omnia s -guein. altera pyts

. mide prifimata, moaltitudine equalla; -

" Nam (adhibendo conftrudionem pracedep~
tis) BC. KC51: FG. QG. besgo. triang, ABC s14.8.°
elt ad fimilé triang, LKC%, ue EFG ad ¢ fimile ® 23%
RQG. ergq permutando ABC. EFG.d1: LKG: di6: ©
RQG #1: Ruifm: KLCNMQ. QRGTSV (nam $/:434 11
hec zque alea‘funt) £::IBKLMN. BFQRST. gusg.
8 quare triang. ABC, BFG :; Ptif; KLCNMQ )
~+1BKLMN. Prifm. QRGTSV -+ PFQRST«
QED, © oo T

Sin ulcétins fimili palto dividinrar pyramé-
des MNOR; ATLM:; & EPRS , STWH yering
Juawior mava prifmata- hic effefta ad quiwop

, R 27 " ifthia

L




. 'g,‘

k 1, §.

ifthic produ@a, ut bafes MNO & AIL adbafey
STV &EPR, hoceftut LKC ad RQG > velut
ABC ad EFG. b quare omnia prifmata pyramis
dis ABCD ad omnia ipfius £FGH ita fe has
bent, ut bafis ABC ad bafim EFG. Q.E.D.

Pror V.

2 ... . (4

Sub eadem  alvitudivie exiflentes pyramides
ABQD,EFGH, triangulares habentes bafes ABC

EFQ@, intér [& funt ut bafes ABC, EFG.: .
- Sittriang. ABC. EFG:: ABCD. X. Dico
‘X—=pyr. EFGH.: Nam; i pofiibileett 5 fit
X " EFGH ; fitque Y exceffus. Dividatur py-
¥amis EFGH in..frifmata & pyramides , & refie
zuz pyramides (umilicer,s donec relidiz pyrant-
es EPRS, STVH mirieres evadant folide Y.
‘Quum igirur pyr, EFGH — X+ Y ; liquet

a ;f’li;]‘ua prifmaca REQRST , QRGTSV_foli-

majora éffe.. Pyrimidem ABCD fimili-

’ - tet divifam concipe: 5 eritque’ prify. IBKLMN
< ELCNMO. PFQRST ~+ QRGTSV ;:
.+ #BC.EFG.¢:: pyr. ABCD. X. dergoXC

prifm. PEQRST 4 QRGTSV 3 quod repugnat
Pﬁl‘{s.afﬁma.ti&ﬂ ROV amirg

. Rurfus, dicX =— pyr. EFGH. pone pyr.
EFGH. ’Y,x:x.’b'y':. APgCD e EI"% ABC.
quia EFGH / “J'X, ¢ erit Y =2 pyr. ‘ABCD:
quod fieri nequit, ex-jam diftis. Concludo igi-
?lraquqd X=pynEFGH. Q.ED, = PROP

el — e

L PN LIS T W
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. Ltber XIT. ... 197
Propr VL :

c I}

Sub eaden altitudine exiftentes pyvamides
ABCDEF, GHIKLM , & polygonas babentes
. bfis ABCDE , GHIKL ; inter fe funt ut bafes
ABCDE, GHIKL. R
‘Ducre®tas AC , AD, G, GK.Ef baf, ABC.
ACDa:: pyr. ABCF. ACDF. b ergo compolfite )
ABCD. ACD :: pyr. ABCDF. ACDF, satqui 353y,
s etlam ACD, ADE :: pyr. ACDF. ADEF.cer- :
k goex 2quali ABCD. ADE :: ABCDF.ADEF.
,"eréo componendo ABCDE. ADE :: pyr. ga8.4. !
ABCDEF. ADEF. porro ADE. GKL d:: pyr. 45
ADEF, GKLM ; ac , utprius ; atque inverfe '
GKL. GHIKL :: pyr. GKLM. GBIKLM. c ergo
lterup ex zqualibus , ABCDE. GHIKL :: Pyr.
ABCDEF, GHIKLM. Q. E.D- .
' o F "~ Si bafes non ha-
bent latera =zque
multa ,” demonftra-
tio fic , procedet.
‘Bal. ABC. G HI
"¢t pyr. ABCYF.
G HIK. . atqﬁé:‘-"- -
b7 ACD. GHL:: pyr. A
ACDF. GHIK.
£er20bal ABCD.GHI :: pyr. ABCDF. GHIK,
¢ Quinetiam baf. ADE. GHI ::pyr. ADEF.
+ GHIK. fergobaf. ABCDE. GHI::pyr.
ABCDEF. GHIK. e

e i smltaA

Prop.
. Lo
———




cLox. b

" quales funt, Q E.D. *

a7 -
b |..’5.

+ prifmatis, triplz fingukdrum par

 EVCLIDIS entor: ;

PRor VII ..

1 Otnﬂ rifma ABC-
; DF anguldrm be

A
g bens, ba drwdtmr it
..:nt' ACBF, |
(; ; equales
B ‘ﬂm fe s mﬁ'}‘am ba~ !
3 ﬁ;lmbmten‘,

Ducantar p:r:ﬂé’logrammomdfaglem AG

CF; FD. Triang., ACB 4= AGD. b cigp®
‘aléz pyramides ACBF) AGDF nquanw f
eodcm modo pyr. DFAC = pyr- DFEC. 3
qui ACDF, & DFAC una gadtmque funt w-
ramis. ¢ergo tres pyramides ACBFs-
DFEC ; inquos. dw.‘lfum et ;m(ma » intes fear

>
- '—‘g
el

i BB e

B LR B8 e

. Wrall

Hinc qualiber. pytamis
tertia cft pars pn(mans e
andem cum illa babentis &
" bafim & altitudivem : five,
_ Pl')fmajuodhbat sriphim et
" pyramidis ean dem cum ipfo
«habenp{i,baﬁq & akitudi-

'§ nem. Fii

in ﬂ'l"onas py[am’

arrim py N
b prainde totym pufma A BCDEGHIKF totius
pyramxd:s ABCDEH wriplum et QE Do

ppow !




b

1 v

C

| 7 R
A e G

(; - Similes pyramides ABCD> BEGH , ique iriam

o ghlares babeny bafes ABC, EEG: in triplcate funt

3. rtione homologoyum laterum ACs EG, o

4 aPerficiantur parallelepipeda. ABICDMKL 2 17, .

" EFNGHQO? ;. quz b fimilia fugy & pyrami- :g-a“.-‘: s

i dum ABCD, ERGH ¢ fextupla; d ideoquein ear 5, 15,

. dem cum ipfisratione ad fe invicem.» ¢ hoc eft in 415-5-

ttiplicata homologorum.laterum.. Q. B. D. 3 3. e
c . - Corell, -

. Hing, etiam fimiles pelygone pyramides ra-

tionem habent laterum homalogorum triplica~ -

tamjut facilé probabitur refolverdotas in trigo-

pas pyramides, .. N

C [ T ! T . "

oy

W

A

Y

Pror I1X7 Lt o

Vide Sthems praced. * )

i Equalium pyramidum ABCD, EFGH, ¢ trian- *

y iulam bafes ABC, EFG habentium, reciprocantur

afes ¢ altitudines. & qudrum pyramidum srian-

- gularesbafes habentium Yeciprocavtuy bafes & al-

’ _ﬁmdipe:, illafunt equales. .

" 1. Hyp. Perfefla parallelepipeda ABICD-

. MKL , EFNGHQO? zqualium pyramidum !

y ABCD, EFGH (utrumque uttinfque) o fextu- 218.1.% -
* pla funt, ac wqualia ideo 1nter fe, ergo ale. (H.) 7+**

: 2 t,

———




309 EVCLIDIS Elcminioram
bs¢.t1.  alt.(D) b:: ABIC. EFNG .::ABC.EFG
e15:. 5. 3 E D, . ‘ . Sl
dby. z. Hyp. Alt.(Eh) ale. (D) 4 :: ABC.EFG e
fos 4 ABIC.EFNG. f erg l"pau'allelcpipeda'TABI(.}-
¢4« . DMKL,EFNGHQOP aquantur; ¢ proinde

& pyramides ABCD , EFG#, horum fubfextu-
. pla, pares funt. Q. E. D. .

" Eadem polygonss pyramidibus conveninnt 3 4w

be ad rrigonas veduci poffunt.

Broll. .

Quede pyramidibus demonfirata funs Prop. 6

8, 9.etiam comveRinne quibufcangue prifinatisfun

bec m}:la fint pyramidum eandem bafim & aliith

dinem babewtinm. itaque 1. Prifmatum zque ak
* - torum eadem eft proportio, qu bafium.

. 2. Similism prifmatim proportio triplicata

-t . eft proportionis laterum homolegorum.

7t7 3. Aqualiaprifimata reciprocant- bafes & ak

titudines; & que reciprocant , funt 2quales.

T Scheb
Ex halenus demonfiracis elicirur dimenfip |

' - quorumcungue prifmatum & pyramidum. .
geor. Lbe " g prifmatis foliditas producitar ex alttudise

el inbafim dufta; pitaque & pyramidis ex tertia |
P70 altitudinis pagte dudta in f.ialig-_ ¢
) : - ;

Ll

M

2
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A

i L

. S \
o . Omnis tomus ”"’}ﬁ""ﬂ cylindri babentis eah~

# 'tlimun-i‘hfo bafin ABCD » ¢ alsitudineis #gne-
e, R * . Lo
y Sinegas, primo Cylindrus triplum coni fupe- Yid#g 2.
j mexce%ﬁl E. Prifma foper quadratum circulo :z';', &
& ABCD infcriptum & fubduplureft prifmatis fu- or.9: 13,
5 {i!rquadratum'eidem,cifculo circumferiptum fi-
&cylindro mque alti. ergo prifma fuper qua-
duwm ABCD fuperat cylindri femiKE:; co-
dem modo prifma fuper balim AFB cylindro 2- 65,405
Quealcum fepaventi cylindiici AFB 4 dimidio &arg. o
/| majus eft. Continuetur bife&io arcuum 5 &‘dg-
trabantur prifmata , donec fegmenta cylindri re~
&, nempe ad AF , FB8 , &c, minora evadant  *
folido E, Itaque cylind. — fegment. AF,EB,&¢.
(pifmaad bafim AFBGCHDI ) cmajus eft cgoar, i
quam cylind.— E (4 triplom coni. ) ergo py- dke..". ;:
famis diti prifmatis * pars tertia (ad earidem **+7*~
afim fica , ejufdemque altitudinis ) cono zque
dtoad bafim ABCD circulum majoreft, pars +
wo.QE.A.
i Sin conus tertia parte cylindri major dicatar, .
fititidem exceflusE. Ex cono-detrahe pyrami-
es» ut in priori parce prifimata ex cylindro , do~ |
oec reftent coxi fegmenta aliqua 5 pued ad QBF’
- 3




Jal EVCLIDIrs gmomemoram——
- EB, BG, &c. minora folido E. erpocon. —E
Ty, ¢ £ cylindr.) “3pyr. ABBGCHDI (con, ~
. fegment. AF, FB, &c. ) erg(; prifma pyramidis

trplum ( ®que altum feilicet arque ad ean
bafim) cylindro ad bafim AFCD majuselt,
pars toto. Q. E. A. Quare fatendumeft quod
cylindris triplo cono ®quatur. Q. E. D+
v PRrRoP XL

- Subeadein altitudine exifentes cylindris & owi ./
. "ABCDK , EFGHM, inter fe funs at bafts AB- F
s, CD,EFGH..
v Siecife, ABCD. circ. EFGH ;: con. ASC-
) - DK, N. Dico N—=con. EFGHM. " .
" Nam fi ficti poteft, fit N "D con. FFGHM.
firque exceflus (. Suppofita praparatione, &
;argumentatione praecedentis 3 erit, O majusieg: »
ajo.gd Thcittis conidis EP; PF, FQ,, &c. ideoque o
e hdu’m-N(?"pyf.EPFQGRH‘SM. 4 Fiat in aF- |
:‘6" " culo ABCD fimiile polygonunt ATBVCXDY. N
a & P Quiapyr. ABVYX. pyr. EFQSM b : 2 polfg &
et45." ATBVY. polyg: BPFQS ¢ : 5 circ. ABCD. 0 &
. EFGH 4 :: con. ABCDE. N. e erit pyrsd 5
"EPFQGRHMSM =4 N. contramodo difta. U
. Rurfus dic o™ con. EEGHM. pone <ob |
EFGHM. 'O : »' N. con ABCDEK f :: ciftv d
‘EFGH. ABCD: £ ‘e1ge O 70 ¢on,-ABCDR. {
« - " o guo 3

s ' .
L . f

PR S
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quod abfurdum eft , ex oftenfis in priari parte. 157, ‘: L
Itaque potius dic» ABCD. EFGH :: cour g s -
ABCDK. EFGHM. Q.E.D. ‘ g
" Idem deptonftrabitur de cylindris, ficono- o
| um & pyramidum- loco concipiantur cyhindri :
" &prifmata. ergo > &c, - - ,
BN ¢C H0L. !
Ex bis babetuy dimenfio cylindrovim ¢ conorsms.
guorumcungue, Cylindsi re@e {oliditas produci-
turex bafe circulari ( @ pro c,x:iius- dimenfione a v.frep,
; confulendus eft Archimedes) dn&ain ahicudic % .

sire.

bem. bigitur &eujufcunquecylndri. bt -
¢ Itaque coni foliditas producitur ex tertia « . s
5 putte alitudinis dula inbahan.:

PR o' XIE

Similés’ coi- & eybindri ABCDE , EFGHM,
i @ triplieasa vatione funt diametrerim TX » PR,
queinbafibus ABCD, BFGH. - L

Habeat conus-A ad aliqued N rationem t1i-
%imam TX ad PR. dico N = con. EFGHM:

am fi Geri potef, ft N 73 BEFGHM;
fitque exceffus’ O: ergo ut inPrioribug, N
@ Eyt. EPFQGRHSM: Sint axes. congrym 1K
, LM, adducantarque reéte WK, CX, VI, Cl;
. & QM ;GM;QL; GL. Quoaizm copifimiles ,
e 4 ok VI IK 1oLl Li angalijerogigitey
i VIK, QLM% redi funt. © ergbmgon;l"lLI;(‘ 1¢6.6

L .

s, R ST

j——




304 RYL LU DI Eenamome
d6 QLM 2quiangula (unt ; dunde VC, VI:QG,
. - QL. item VL VK::QL. QM. ergo exz-
#7.4. ° quali VC. VK :: QG.QM.eguinetiam VK.

., e CKuQM.MG, ;go rurfus ex zquo V.C.
fs.6 CK:i: Q5. GM. fergo triangula VXC,

" QMG fimilia furit; imilique argumento reliqua
.o bujus pyramidis triangula reli;uis illius. £ quate
: ;"&5- 2. pyramides ipfa fimiles funt. & funt vero iz in
triplicata ratione VC ad-QG , 4 hoceft VIad -
bes. Sy RL ,!vel TX, ad PR. ™ ergo Pyr. AIBVC-
w®  XDYK.pyr. EPFQGRHSM : z.con. ABCDK,
#ig's. " N.® unde pyr. EPFFQGRHSM ~3N; quod
_ repugnac prius di@js. : o
Rurfus , dic N, r— con.- EF G B M fig con.
. .3 EFGHMM. O::N.con. ABCDK o::pyr |
issrf. EPRM. ATCK?:GQUVC ter:: PR
l"“"&a-'"- TXter. veinm © » ™23 ABCDK. quod mo-
5144, dorepugnare oftenfum eft. Proinde N == con. g
EFGHM. Q.E.D. o : .
Quoniam vero quam proportichem habent .
coni , candem quoque obtinent cylindri, eorum
tripli, habebit quoque cylindrus ad cylipdrom .
proportionem diamétroruth inbafibus thiplicatd.  *
PROP -XIIL s !
- <" 8i cylindpus ABCD pia-

no EF fececar adverfis it
“#is BC3 A D paralith s & -

vit utcylindrus AEFD ad 00 y
1Y lindram IIs',BCF yitaasisGL

- ddaxemIH. . . '

NI AF “rrodudto arey s fume
; Gx=GI, &HL=14 {
ﬂ’ G = L M. & concipe P&
. . punéta K, L, M, plana dir
Q ci circulis AD , BC parsk
. lela, bergocyligde ED =
X syl AN. & cylin. EC b=

, BOb= OF. it.aqﬁc.‘ﬁr‘.':;; 4

— ¥ &

— e ol



N Liber X1IT,

drus E'N cylindri ED ®que multiplex eft, ac
axis 1K axis 1G. pariterque cylindrus FP =que .
multiplex eft cylindri BF, ac axis IM axis IH. e
prout vero IK==; =~ ;™3 IM,, fig cylindr, 35"),?'} .
{ EN=, S5 "JEP. dergocyl. AEFD, cyls

° EBCF:GLIH. Q.. D. o

38

" Procr XIv. .

i Supet  aguatibus bufr-
‘bus AB, CD exifientes
¢oni AEB, CFD, o -
lindri'AH, CK, i

L A B ‘ K Jefunt ut ¢lti1udin:; l:ﬁsﬂ,‘
;0 &l NF
'° S PC D . Produ&lis . cylindro

D HA & axe EM, fyme

. . MI —FN; & per

* punétum L ducatur planum bafi AB paralle- )

_ dum, gerie yLAP=CK. atquicylind. AH, :,“ﬁ. o
" AR (CKY :: ME.'ML. (NF. ) Q. E. D, b1

* Idem de conis cylindrorum fubtriplis”diGum | g
" Putay) *imo de prifmatis & pyramidibus. - :‘-;If‘h#-

o, Equalium comoram BAC,
K EDF, & gylindrorum. -
BH, EK, reciprocantur bae -

Jes_ & dltitudines (B G
EF :: MD. LA:). &
quorum conorum., & cylip-

3 drorum m;;‘fro'c'izvmforv bafes

& altitudisies 5 41§ fune

X . equales. s

Si altitudines pares fine , etiam bafes pares ‘

' TUBE 5 & res clara eft. Sin altitudines fintim-~ . , ,

~ Pares; aufer MO == LA, ) : L ;:f,;,"

I Hyp. Eftque MD. MO (sLA) b:: cyl. cayp.,,

EX(°BH) EQ4:: circ. BG. EF. Q. E.D, dinex

i R 2 a. Hyp.

o T

’ I"it‘ovr..»XV.‘
l )
!

o]
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366 EV.CLIDIS Elementorim .

& by r. #yp. BC.EFe :: DM.OM(L A)fi:
£ Cyl.a?.mg:; BC. EF mm‘i@. A)Ef:go

stos bylind. EK=3H. QE. D.
»5 Sintili avgunifento utere de conis.

PRrRow XVL

Duobus circulis AB-
G , DEF cirea idem |
 centrum M, exifieni-

N s, in maohi o |

Q& ABCG pogshun o~ |
guilaserum . pictivet ft
htbruits inferibtiepd |

m bl
e |

L . Percentrum M e
.. . tenddtat ;é@a A'C fecans circulum DEF
bie.s  F. exyup efige perpendiculavem FH. # Bifta
' Ericiccatum ABC, cjulquefeniden BC, 29
a0, ita confiauo , » donec arcat IC mitor evadat
P grca MC. ab X demicte peipendiculattm IL. L

© o quet dicam IC foviim ¢irculuim shetiti, pume

. . . romquearcuum efle parem , adeoque fubtenfa®
e 864 IC latus elle cpolygoni infcripdbilis, quodd* ;
doer. 16,3 'M"‘mﬁEf‘iﬁﬁﬁﬁié%hdng«. Nam HGdtar
< & > pleituhm DEF; ¢ cui paralla et IKs 5
€35 df.s. Vagie By X quare §K circulut non raoglts,
#ulcagemash CY,CK & reliqua polygor ¢

fitéed, 4 centro diftantia,circolum DEF 4

4 tx‘““ﬁ},mﬁ F. Coroll. Nota, quod
Mo Yaagie cirenlon B EF. t

i
Y Y
PRoty

M i ’
-
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Pror XVIL .

Duabus [pheris ABCV, EFGH ¢iveq idew ot

tram D exiflentibus, in majori fohara ABCY: fo
lidum polyedrnm infevibere 5 guod nitn tangas fuper-
ficiew miworis fphare EFGH. R e

, Secentur amba fphzra plago per cetrumfd- -~
dente circulos EFGH , ABCV. ducansuirque d .
dmmeci A C , BV fecantes perpendiculatitar.
Citculo'ABCV s infedbatur polygonnmsqui- » 9 w: -
laterum VMLNC > &c. circulum E F G H -

hime’ tangens. duéta diametro N, esellque

DO reta aépl:ummAlC. perD% o P
metros AC, Na erigh concipidiche: plana .o
BOC, DON,; que ad arculum ABCV . brella seka

: trusty ideoque in fuperficie fpg’ﬂ: ¢ qﬁﬁ.}"ﬁg‘: ¢ de b

!
1




5.9 2V C LI TS ERmenoramny
d4t  efficient’DOC,; DON. in quibus 4 aptemut
- retz CP, PQ, QR, RO, NS$, ST, T30
ipfis €N, NL,&c. pares , & 2quemultz. In 1e-
litgxis quadrantibus OL, OM, &c. inque tota
{phzra eadem conftrudtio fiat. Dico factum: -
#" A pun@isP, $ad planum A B C V demitce
e 38, «o perpendicularesPX, SY, ¢ qua in fettiones AC,
£i2 ¥ Na cadént. Quomiam igitut cam fanguli re@i
8 4773 C, SYN;gquam PCX, SNY hazqualibus
e peripher‘iis»inl?ﬂeptqs , fpares funt, triangula "
-4 "PCX,SNY p eqyiabgula finr, Cumigitwr PC
«. k= SN; Letiam:PX = SY, {&XC=TN;
3455 mauare DX. == DY. n’ergoD¥. XC :: DY. .
0.3, 6 _ YN ¢ ergo parallele fant. YX , NC. quiavero
p6ue " PX,SY pares, & cum eidem plano ABCV re-
Ip i 82, etiam p parallele fant, 4 ernt Y,
f3w 8D etiim pares & parallele: rergo SE, NC
S integ fe parallelz funr. ergo fquadrilaternm 4
ts 16 NCPS; eademque ratione S P.Q T, TQRG
"\, fed & striangulum ;RO tatidem {unt plana.Eo-
dem modo toca (phzea ejufmodi -quadrilatens
& tiiangulis repleta oftendetur..quare inferiptum
' et polyedrum. - -
LY NN A centro D v due DZ re@um plago NCPS;5
. &junge ZN ; ZC, Z$, ZB. Quoniam DN.
A&  NC=u:DY.YX;et NCy— YX (SPi)p>
€ 1 dop o0, TATEWUE SP T TQ & TQL ™ o R.* Etquia
3 4F 1% nouli DZC,DZN,DZS, DZP ,  refl funt
: f'f'“‘l‘ll-f» latera vero DG, DN, DS, DD s zqualiz, &
" D2 comniuney b erunt ZC, ZN, ZS, ZP &
-quales inter fe 3 proinde circa  quadrilaterum -
.€ sg.atfie. -NCPS - ¢ deferibi-. patett circulas, ipquo(h
) NS NC;CP 4zquales, & NC'T—SP) NC
desafe,  orplifquam quadrantem fubtendit. £ ergo a0g
£ 6 ~NZC adcentrum obwufus eft. y¢igo NC¢C -
| R 2 ZCq( ZCq—~+ ZNgq.) Sit NI ad AC 0%
Koany Malis.” ergo.cum ang. ADN (sDNC#
Tha~ s “DEN ) fie X obtufus ,  erit femiffis ejus- Dfﬂb} 3
PO v » : e “

——— ‘,,‘,_;__.__d




- Liber XFE 200 389<.

. refti femiffe Major's propteréague’ eo ‘minor. eft:

' reliquus ¢ re@o amg. CNL '!_%nde-;INE..—T ICng o .
ergo NCq ( NIq—+ ICq) o "2 ING. itaqued -1
II\%L—‘ ZC.& coufequegter DZs,— DL at?;nuig :Zr."(ﬁ.ll-u

- puactam Teft 9 extra fphzram EFGH. ergos

- pusétum Z potiori jure eft extra ipfam.adeoque

. planum NCPS ( cujus: » proximpni centro pun- « 41. .

i Qumelt Z ) fphxram EFGH non contingir.Et

. 3drglanum_§PQ[' demittatur perpegdicﬁljri#"~\ .
D'#; pun@um & , adeoqie & plangm SPQT ' “ <%

adhug ulterius a centro elongatur’; idemque et

de teliquis polyedii planis. . ergo polyedrutn . "

- ORQPCN,&e. majori fphere infcriptum , mi-

© doremnon contingit. Q. E. F. " e

\

Covoll. S
Hincfequitut’, $iin quavis alia [phera deferin .
- barur folidum polyedyum | fmile préditho folidopo: =
© byedro, propareionem polyedyi inuna fphera ad po-
- byedrum in alierg effe triplicatam 'ejis’ quant’ he-
< bent [phararum diametri. Toembome
* Nam fi ex ceatris {phararam'ad omifies angu- ‘
~ Tosbifum di@orushi polyedroram té&x linex ;
. ‘ducantur , diftribuentur pofyedeainpyramides ... .-
¢ Dumero ®quales & fimiles , quarum-homologa -
+ latera fune femidiamerri fpherarum’s iit conftar, ™ *.
. fiintelligatu hardm fphwrarany shifior ‘intra
© majorem circa idem centrum defCripea: congri-
" entenim fibi mutuolinez rect® dut 4 centro
. {pharx ad bafum angulos,ob fimilitudinemba-  ~
{um, ac proptergapyramides efficientuf fimibesr: - *
* Quate cum fingule pyramidesinunafpherayad ¥~ *
. fingulas pyramides iflis fimiles inaltera fphara -
. #habeant proportionem triplicataim laterum ho- * <%
; mologotum , hoc eft, femidiametrorum fph®ra- b inis
™m ; finc autem # ut una pyramis ad unampy- " "
ramydem;ita omnes pyramides, hoc eftsfolidum
¢ polyedrum ex his compofitum , ad omaoes pyra-
R : V3o mydeh

j—




31 EVCLIDIS Elementorum
mides;id eft, ad folidum polyedrum ex illis cons
- diitutum ; habebit quoque polyedrum unjus
" fpharzad polyedeum alcerius {pharzproportio-
ea g wemtriplicatam femidiametrorun, catque adeo  §
) diametrorum. o ' g

Prop XVIIL ' g

pere BAC ,EDF funt in tyiplicara it

foatwm diamesraryw BCEF- L
" sit fphaera BAC ad {] hram G i triplicts -

satione diametri BC ad dismetrum EF. Di¢e '

G =EDF. Nam fi ﬁeripme&,ﬁ; G _'T.!EDI.

b *CQgiﬁfthr,achongent:iqam effeipEDF.

.13~ Spharg EDF e palyedrum {phwram G ngs 2 -
b osr.1y.12, FEDS: {phrRque BAC fimile polyedrum jofed- -

chy. "~ hawr. b Hac polyedra funt in triplicata ratiore -
$75. Eameuorgm BC» EF, cidet, (phyre BAC |

ad G. ¢ Proinde fphzra G majore polyedro
fphere EDEgl:fcripto,,pars o g,

. _Ruyfus, f1 fierd potelt > fitfphzra G 4
 Sitque ut fpharp ERF ad aliam fphara it .
bppoinonf. G ad BAC, ¢ hoc et in’ triplicara ratione dig-

Tus perd EF 3d BC; am igitar BAGSCH, B

‘' emimus ahfuditacem prigris parts. Quie
© - _pptius fphera & == EPF. Q. E.P-

7 corell. e
Higc, ra ad fphaeram, isa et PP
dtumpiﬁ;,'r'c orum ad polyedrom fmilel :
hacdefcriptum. - BB M W‘xeﬂw‘m LIE

R —
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4 Propr I . ‘

ZENT refba linea z fecundum: axmmm .

me;lum'ramnmfe:emr (z.a:: a.e,)Y

majns fegmentum a a_[ﬁ«m: dimis

© dium tetius 7., qhintuplum ‘gz@ ejus, -

el quod: Admudu totius z sferibituyy .

_ - qudun . -

\‘ ) ‘ _ PICO Q. a SR

Y' /‘-Z—-;\ :+ z —h' s, _“-'

1 z A E . Z_:'Oc—'hg-“."

: aa 2z

J a=zz+tzz.bvelaa 4 za =22, ¥ Nam § dlppk L)
ze-|,- zie==" 1. &zed=aa. e ergo 23 “pza—— n.u &

E.D.
Q Prop IL

8 re&zlnm'z =& a fui ipfius. [fegmenti '1.
g 'qumtupluq; poffie duple {mi&; fegi’:‘nn G
eunemla ac thedia, Tatione feSle mejus fegmentum
oft a,rcl:qmz pars ejus que & pringipgo rc&f 2.

Dico z.a :; a.¢ Namqqup;(b,yp *aa < ey s
zz-i-za—-:z-l-;zz, val aa-|-2a_ ZZ a== is.3.

P L T

); T bjaext.
< 6=k 24, beritaa == ze. 4 guare z.a :: a. e ¢i7.6.
. QE.D.

- . Wide fig. preced.

P Propr IIL g
. SireRalinesz [}c_;;ndm exiremam acmediam
 Mtimem. fecetur (2. a1ia.e5 ) minus fe Jgu)ermml
. eaffumens dimidipm.majoris fegmenna s qQuIntR~ -
. thum porefd.ejus ; quod &dxm;du majoris fegmenti a:

ﬁnlmur, quddﬂut -

Dico Q: e-+! av.\
=sQla shoc’eftags
s ge-l-'aa-l-ea_aaa“""' .
%A A- —+laa " pvel ee €2 'Jh"" .

¢ = aa. Namec..g,.gac——q_el—' aa. QE. D, °
; Va Pror

-

L
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"~ EVCLIDIS - Elementorsm
P ror IV..

Si rella linea 7 fecundum extremam ac median

vationem fecetur (7. ad.e;) quod & tota 24

quodgue X mineri. fegmento e, uiraque fomal guadre-

1a, tripla fupt ejus,quod 4 mafori fegmentoa defori
bitur, quadrari, =~ - .

. -+ - . Dipz-tee=
- \ 33 syelaa ke

+ 2 ae—ee—3 8

A ~ E Nam. ae e =

zes=2as, d €1go 33 = 2 ae—- 2063 4

Proer V

LD AT €. B - Sireflq lina AB

et 1 | - fecandnmv "Exxremmg
; ‘ ¢ mediam vationen

Jecetarin G 5 qlpor;amgue i A D dqualis majid

Jegmento A C ; totaretta lined D B fecundim e

tremam ac mediam rationem fecatur , & majus fo-

ginentum eft que & principio vefta linea AB.

' Nam quia AB. AD4:: AC. CB, invertendor .

ve AD. AB:: CB.AC ; crit componendo DB-
"AB:: AB.AC.(AD.) Q.E.D. '

o Schol.

-Quod fi fuerit BD. BA :: BA. AD. erit BA.

AD::AD.BA— AD, Nam dividendo ¢é&BD: -
— BA (AD)BA :: BA— AD. AD‘.‘crgoinverfe., E

BAAD: AD.BA= AD. Q.E: D.

’ S PR O pe VLo i
D A © € B Sirefla linea vane:
1 ——r-] ‘malis AB extrems &

" w:media yatiome - fecetst

- in Csutrumque fegﬁemm:um (AC, CB)irrations:

disef} lineas qke vocarur apotome. .

.- . Majori fegmentd ACwadde AD == AB3
' bergoPCq =5 DAq. rego bCq 1L DAY

‘proinde cum AB., ¢ ideoque ejus femiffis DA
ate ,¢tiam DC eff-¢', .Quia ‘vero 5. 1 2{‘1 :

1

Y



S Liber XTIT. - 313

. Q.QfefDC'TL DA. gergo DC—AD , idfg. 10,

| et AC eft apotome. Infuper quia ACq b= AB §74 ‘>

- 3 BC,&ABeft ¢, setiam BC eRt aporome. kg8. 10,
QE.D. , - . '

’

PrRoc® Vlt- N
A _

Si pentagoni equilateri ABGDE tres angeli s
froe qui deinceps EAB, ABC , BCD, ffve EAB,
BCD, CDE qui non deinceps fine, equales fuerint,
'.eqhian_iulum evit ipfum pemtagonum’ ABCDE. .

Patibus deinceps angulis fubtendantur reftz

. BE,AC,BD. ¥
- Quéniam latera EA; AB.BC,CDsangalique
© inclall s xquantur , berunc bafes BE, AC,BLs ,, .
| cangulique AEB,ABE,BAC, BCA pares.d qua b 4. &
’ te BF—FA, &* proinde FC==FE. ergo trian" ‘"g}f‘ﬁj!‘ )
' gulaFCD, FED fibi mutuo =quilatera funt ; e y.or 1.
¢ fundeang. FCD==FED.,¢ proindeang. AED f8.1 -
¢ =BCD.Eodem palto ang. CDE reliquis aqua~ 8%
# tur.duare pentagopum ®quiangulum efl.Q.E.D.
» . Siodnguli EAB, B;;D, CDE, qui non dein-
<eps , Ratuancuf pares, 5 eric ang. AEB==BDC,
& & BE==BD,k ideoquc ang. BED—BDE;t torus
i Proinde ang, AED==CDE. ergo propter anga- )
i los A,E,D deinceps zquales, ur prius,pentago- .+ &7
5 bum ®quiangulam esit. Q. E. D" 7

Lol -4

\
[
X, -

P
5o
2.

PROP.

. LY



314  EVCLIDIS Elemensorim
PrRoOP VIIL
Si pemagoni equilateri
o equianguli ABCD E |
B duos angulos BCD , CDE, =
2qui deineeps fint abtendant -
rs&ah‘nnB D, CEshe’
extrema ac media watime
e mutuo fecant, dp majonrd
’ < p {j;jhrum /{‘gm,cnm BF, vel
EF equalia funt pentagoni lateri BC. .
He 54 _ Circa pentagonum o defcribe circulum ABD«-
w3y bArus ED=BC.cergoan . ECD =FDC
sns. ~ 4ergoang, BFC=—2FCD (FCD+ FDC.)
ess.q Arqui arcus BAE b= 2ED , proinde 208
£ BCF.— 2 FCD — BEC. f quare B¥ —BC.
Q.E.D. Porro quia triangula BCD » FCD

.3 gaquiangula funt, berit BD.DC (BF) =CD
+¢  (BF)FD. parixéxque ‘EC. EF = BEEC
QE.D." -

Prorp IX

Si hexagowi lagys BE 4
decagani A Byin codem. O
enlo ABC dgﬁtigtorm cog?
" ponantur 5 tqra vefe lined
, AE extreme &5 miedia 1atigre
\ D | Tecatwr . (AE-BE :BEAB)
. / & majus €jus fegmentu 3

L - hexagoni latus BE.
abpkyy, o D4 diametrum ADC, & juoge re@as DB,
i, DE.Quoniamang BPC4==4EDA, gt
s3e. ang. BDCs — 1 DBA(DAB —+ DBA)) et
d5.  DBA(BDE+RED). = :BDA4= 2 BDE
foe-% Proindeans. DBA, vel DAB . — ADE. Ifaque
gesrag 4. tr'lgppa ADE) ADIB z;quiangula funt ’ £ ill:lzll‘re.

AE. AD. (¢ BE) - AD. (BE.) AB. Q-E.D-

: : . corolly

ittty




i

o

Liber X111, : 31§
coroll.
Hinc,filatus hexagoni alicujus circuli fecetur

extrema ac media ratione ; majus illius fegmen=
tum erit latus decagoni ¢jufdem circuli.

fih 8 130

Pror X

: G
81 in virculo ABCE pentagonum aquilaterum
ABCDE defcribatur 5 pentagoni latus AB poreft
O bexagoni latus FB, o decagoni latus AH 5 in

- eodemcircplo deferiproram.

Duc diametrum AG. BifecagrcumAH in K.

Etduc FK, FH, FB, BH, HM. '
Semicirc. AG — arc. ACs—= AG~— AD. 3, o
hoceft, arc. CG'== GD b — AH — HB.ergo ‘z“"
arc. BCG= 2 BHK; ¢ adeoque ang, BFG — 2 7:‘:-' &
BEK. dfed ang, BRG==2 BAG. * ergo ang. c11.6.
BFK — BAG. Trigonaigitur BEM, FABfa. 4103
quiangula funt. g quare AB. BF : BF. BM. f1.«.
kergo AB x BM— BFq. Rurfus ang. AFKk— “765 '
HFE; & FA — FH ;mquare AL—=LH, m& kar's.
anguli FLA, FLH pares, ac prainde rei fune, T8

ergoang. LHM »— LAM s — HBA. Trigo- oss. n
naigitur AHB, AMH * ®quiangula funt. p qua- P46

e

3
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q. 6.
Iy 2.
f3ex.

EVCLIDIS Elementorum

te AB. AH:: AH. AM.1 ergo AB x AM =
AHg. Quum igitur ABq’ = AB # BM —+ AB
% AM, ferit ABq—BFq + AHq. Q.E.D.

Coroll, .

1. Hinc , linea re@a (FR) qﬁ:é ex centro
(F) afcum quempiam (H A) bifecat , etiam

reftam (HA) slli arcni fubtenfam bifecat ad an-’

gulos retos. .- - :

2. Diameter cirenli (AG) ex angulo quovis
(A) pentagoni-duta bifecat & arcum (CD)
quem latus pentagoni illi angulo oppofitum fub-
tendin & Litus ipfam (C D) oppofitumidque ad

* angulos reCtos.

Schol.

Hic, ut prowifimus, praxim trademus expeditan
’rablemati: 11:4..

’ l’t;olzlemq.

' -i' Invénire latus pentagoni circulo AD B infiriben.

5.

" Duc diametrum A B. cui perpendicul&rel;‘

%




. . - 17
C Dexcentro C erige. Bifeca CB in E. Fac
EF==ED. Erit DF pentagoni latus.
Nam BFx FC + ECqa— EFqb=—EDqa 6 i.

¢ = DCq—+ ECq.dergo BF x FC— DCq,vel'c’ ';"”:‘
BCq. e quare BF. BC :: BC. FC. ergo quum BCa§er,
fitlus hexagoni , ferit F G latus,decagoni sl S
.. proinde DF 5 —=4/DCq~+FCqgeft latus pen-gio

~ tagoni, Q, E.F. K : h4r. o

PRrRopr XI

Si in circulo ABCD
rationalem  habente
diametrym AG > pen-
tagonu&quilaterum
A BCDE defecriba-
tur ; pentagont latus
AB irrationalis eft li-
nea, que vocasur mi-
nor.

C ¢ Dac diametrum
BFH, reftafque AC, AH ; & * fac FE = ! ra- .o
CdiFH, & CM— CA. ¥ hos
Ob angulos AKF,'AIC 4 reflos , & commu- a cor.ta.4j.
nem CA[, trigona AKF, AIC ba:quiangnla:.’i*-‘f-
funt; cergo C1. FKez: CA. FA(EB) 4= dly. 1.
{M. FL. ergo pemutando FK.FL:: CL CM .
4::CD. CK'(2 CM.) e componendoigitur (D ;;?2:
=+ CK. CK :: KL. FL. fproinde Q: CD— CK g1, v
© (¢ 5 CKq.) CKq :: KLq. FLg, ergo Kigq
=35 FLq. Iraque i BH (§) ponatur 8, crit FH
FL 1 &FL]. 1. BLs. & bLq25. KLgs. 2 bo 16
quibus liquer BL, & KL effe § » ‘G- k ideoque i34, o,
BK effe Apntomen;cujus congruens KL.cum ve- lo.1o. &
roBLg—~ BLq ™= 30 lerit BL' - 4/ BLy— &7 ¢
KLq. munde BK erit apotome quarta. Quo-
. biam igitur ABy™ == HB xBK, » erit AB minor. [ oo g

PRokb




- Pror XIL &
: i inchreulo ABEC i:
triangulum  aquilate - -
yum ABC deferibatut, N
srianguli las AB po-.
‘teptia triplem of eut
c linee AD,Z:uz Deen-
tro civeuli ducieur. =73
Protralta diametro
) E - ad B, duc BE. Quo-
avor.s0. 13, Diam arcus BE s— EC, arcus BB fexta eftpars
beor1§ 4 circumferentiz. bargo BE= DE.bitc AEg==
gti ¥ 4DEq(s Rgy) 4=ABg -+ BEq (+ ADg) 1}
veixs. eproinde ABg= 3 ADg. Q.E.D.
. ' Corall. 0
: 1. AEq. ABq:: 4 3. o .
fwrd s, 3. ABq. AFq :t 4.3. fNam ABq. AFg 2 -
3'-?"’5’ AEq. ABg. o .
m',;.';? 3. D{f: FE. NaEm triang. dEBD g zguﬂar @
teram eft; b & BF ad ED perpendicularis. betg0 =
_EE—FD. Perper ®
4. Hinc AF = DE - DF= 3 DF.

‘l’ R opr XIIL j

. ?j"ﬂipidem EGEFI confbisuere ; & data [plmr't
bompleti 5 & demonfirare quod [phere iim;g

o .




) .

?.

. #ABg.Hlgzyg.s

AB potentia fit fefquilatera lateris E F ipfrus py-
vamidis EGFI. ‘
Circa A B defcribe. femicirculum A DB.
# fitgue AC == 2 CB. ex pun&to C erige per-
peodicularem CD ; & junge AD , DB. Tum
_1adio HE == CD defcribe circulom HEF G5
chi b jifcribe triangulum 2quiliterum EFG. barss. 4
#Hcerige IH=CA relum plano 8 F G, §™ ™
 piodtic IHad K ; d ita ut IK = AB. reQafque " =
#djnnge IE, IF, 1G. erit EFGI pyramis expe--
tia,
Nam quia anpuli ACD, THE , 1HF, IHG
erelli funt; & CD,HE,HF, HGe pares, ¢ atque ¢mhe.
I = AC;ferunt AD, IE, IF, 1G zquales in- gia ¢,
tef fe. Quiavesio A'C (2CB.) CBz: ACq. .
TDq. erit ACq==2 CD4. itaque ADqf=
ACq+ CDqb—3 CDq =3 HEq k== EFq. xenss.
tergo AD, EF, 1E, 1F, IG pares funt, adeo- 1asxs.
&e pyramis EFGI et zquilatera. Quod fi pue-
&tum C fuper H collocetur, & AC fuper HI,
re@tx AB,IH = congrutat, utpote quales. qua- ™
refemicirculus ADB axi AB vel IK circumdu-
&us » tranfibit per pun@a , E; F, G, * adeoque = 15 if s
Eyramis EFGI fphatx infcripta erir. Q. E. F. * 3ndf-0¢
quet vero efle B’Aq. ADq o:: BA.AC?::3.2. o863
QED. ‘ . pemfr.

ate.6

Sax. 5,

A Copollavia.

r. ABq. NEji 9.2, Nam fi Alg‘ ponatur

9.erit ACq (EFq) 6. g proinde HEq evit2 "
2. SiL centrum fuerit 5 -erit AB., LC:26. 1. ~ 2

Nam §i AB ponatur 6, erit AL, 3;+ideoque AC ompr

#3quare L'C erit 1. Flinc
3.AB. HI:: 6. 442 3.2, unde

Pl.o |

*

v

g::gu’z Y

g !15’ XI,L 319 "
|

|

1‘,
!
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Propr XIV. i
O aedrum KEF-
GDL conflituere, *

Gor data fphera com-

pledti , qua & pyra-

c (! wmidem ; ¢ demon-

) diamerer. AR po-,
D tensie fit dupla la-
K ' teri- A C ipfius 0-
Lo .  Gaedric
- Circa AH deferibe femiciccylum- ACH. e
A centro B erige perpendicularem BC. duc AG
446 1. . HC. Super ED—AC 4 fag quadratum EFGD,
b cujus diametri DF; EG fecantes in centro L. ex
ene’ 1ducIL==AB bre@am plano EFGD. produc
“" - IL, cdonecIK=IL. Connexis KE,KF,KG, :
’ KD,LE,LF, LG, LD ; erit XEFGL'L oftae- |
. drum quzfitum. o .
' Nam AB BH, FLIE, &c.zqualium quadra-
- dgon. torum femidiametri quales {unt inter fe. d qua-
- retriangulorum re@angulorum LIE, LIF; FIE,
. &c: batesLF, LE, FE, &c. 2quaatur. proinde
. oQotdangula LFE,LFG, LGD,LDE, KEF,
“viyafu, KFG,KGD,KDE =®quilatera funt , ¢ atque
oftacdrum conitituunt, quod fph&rx cujus cen-
. trum I, radius 1L, vel A B, infcribi potelt. (quos
feonf,  Diam AB, IL.IF ;1K , &c. f mquales fant)
. Q:E. F. parre liquer AHq (LKq) g=12 ACg «
t¢ar. . (:LDg) QED. o
. Corollaria. B
. 1. Hinc manifeftum eft, in O&aedro tresdia-
_metios EG, FD, LK fe mutuo ad angulos reltos
’ fecare in centro fphxre. . .. 7 i
-_2. Liem, viaplana EFGD, LEKG ; LFKD ¢
eile quadrata, fe mutuo ad angulos reftos fe ¢
fanrra,. "

b ' 008

frare 5 quod [phere ‘



—_— ey XIFI.. EEY

3. Oaaedrm‘:{x dividicur in duas pyramides .
fimiles & ®quales EFGDL;&-EFGDK,quérum o
bafis comumuniseft quadratam EFGD. .

4. Denique ; bafes o&taedsi oppofit;intet fe
paallele funt. - -~ - - ' 1518

. Co , P RO -PJ X V- T .

: " {. Cubum E E-

8 M N Z7l""GHIKLM °

. B 3G con_ﬂ_imere ) &
b frbera completti,
1 qua & prioves fi-

b C gnras; & demen-~
7 ANV o Pirare, quod he-
A= - ve didmeter A B

. . potentia fit sipls
e " lateris EF ipfaus cubi.
Super AB defcribe femicirculum ACB; & 4 fac sie. 6.
AB= 3 DA.'ex D erige perpendicularem DC; R
&junge BC ac AC..Tum fuper EF—=AC®con- b4 s
frue quadrati BF GH,cujus plano rete infiftant
ELFK, HM, GL ipfi EF pares; quas connelte
reftis IK,KL,LM, IM. - Solidum EF GHIXLM
cubus eft, ut fatis conflat ex'confirudtione: |
In'quadratis oppofitis EFK1.., HGLM 'duc
diametros EK, FI, HL, MG, per quas duétapla-
nAEKLH, FIMG fe interfecent i refta NO. -
Hzc diametros cubi EL,FM,GI; HK ¢ bifecabit ¢ sor.ig. us..
inP, centro cubi. 4 ergo P centrum erit {phara :‘.".%'"
per pun@ta cubi angularia eranfeuntis, Porro eqr.v.. .
Elqe=EKq~KLq ‘= 3 KLq , £vel'3 {onfry
ACq. aqui ABq. ACq £ :» BA. DA g::3.1. Bugs.
"c'i::%o AB =< EL. Quarecubum fecimus 5 &c.

i - Coroll. - Tt

. 1. Hiac , omnes diamerri cubi interfe zqua~- - -
les funt , fefeque mutuo in cénfrofphera bife-
cant. Eademqueratione rez ' que quadratorum,
oppofitorum centra conjungunt , bifecantur ip -
€odem centto. - X 2 Dia- '
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014,93,

Teofuedram ZGHIKF- 1

: Y’YXRST clo:‘p‘itim s &

- fihata lelli » gua &

g ﬁndi&::?;am $ & de-
- meonflrave s quod icofaedri -
" laws F G irpationalis eff
«dines , ‘qua vosatny wis

- mors ;

"EVCL1IDIS Eie x
3. Diameter {phae poteft latus terrdedsi, & ;
Lo\ cubi. nempe ABq k==1BCq~+m ACq. i

: PrROPF XVL’ Al

supnAB diametrum

7 fphmre deferibe femicirs |
g culum ADB ; & sfac AB

== ¢ BC. ex C erige
.- normddem CD ., & duc
AD ac BD. Ad inter-

yallum EF = B D defcri- &
be circulum RFKNG@;.




- ~Lider X111 TN
 tui inféribe feritagontim zquilaterdmFKEHG. yur. 4" -
Bifdca arcus FG , GH  &c. ac conne@e reftas
JL; LG; &c. latera nempe deca’%dni. Mubceer égp e
igeEQ, LR, M8, NT.OV, PX ipfi EF aqua~
les, re@afque plano FKNG.& connefte RS,ST, ~  »

. TV, VX, XRyitem FX; FR,GR,GS,HS,ST, .
RT, 1T, 1V, KV, KX. Denique proda®ta EQs.
- {ime QY == FL; & EZ = FL} reQalque duct
| concipe ZG, ZH, ZI, ZK, Z¥; ic YV, YX, _
i YR, Y§, YT. Dico faftum. =~ .
"Nam ob EQ, LR, MS, NT,QV , PX d - 4 ek
\ z'lialui& parallelas 5 etiam quz illas jungunt , *&
EL, QR, EM, QS,EN, QT EO, QV,EP,

- QX fpares & parallele funt. Itgm ideo LM fyp e
(1 £G,) RS; MN, ST, &c. ®quales funt in- =~

| ttfe. g ergo planum per EL , EM, & plano gy
P QR, &. &c. zquidiftans s # & gicculys L.
QIRSTV & centro Q,i,“circulo EPLMNO -
qualis eft; atque RSTVX eft pentagonum zth‘- .
la‘a'(&mm.' ﬁud v'e&‘imelle is FEF él-.?..G, Fi:t. 3
t, 3¢ QX QR, QSi&e¢. quia FRQA== FEq #er-8.

“+LRqst vel EFqo—= &1 » erynt FR., FG, &‘,’f., ,

ddeoque omnes RS) FG,FRIRG GS,GH, &c. afebuybits: ..

ts intei e, Proinde 19 friangula KEX, &%

REG ; RGS , &c. zquilatera funt & zqualia. )
<x(us ob a';g. XQY i re&n;ni é erit XYq ;{ :;—’ :r’r:‘- n
- 1= VXq ve]. EGg. quare XY, 24705 ¢

VX, ifque Fonalicer YV.XT. YS, VR, 26, 2H, P

&cixquantureBrgo ilia decemtrigana éonlituta -

func'zquilatera . & =qualia, tam Gbimutso §
nam decem prictibiug 5 dc proinde fallum ¢ft
cafaedruay, _ o

. Porto; bife@ia BQun 4. duc reltasdF ;¥ . . oo

&V; & propter QX *=QYV , &Coumuue latus {5

4Q, angulofqye EQY, E! Vre@osi fefitaX == 7

aV: fimilique argnmeu;c; ompes ’sz'a -‘:;;f;

«T qv aF, G, aH, » & quanstile
b ) &F 5 ! bR 1 ) Qe

L

S Sl

/

— T




324.- - EVCLIDIS Elemeyrorim

t9.9.  Quonijm autem ZQ. QEr:: QE. ZEu dits '
$30 Y Zaq =5 Baq*=EQq(EFq)-+Baq, e
yan . ergo Za = oF.2 pari pa&q oaF, = Yo egst |
 {phaera , cujus centrum a,radius «F, per 12 pugs
Qajcofaedri angularia tranfibie, - . -,
diss *  Denique, q;i; z,gg,::_z Y. QE; -ide&;ua\
% Zag, «Eq:i ZYq. QEq.b eric ZYq=n Qg
A?,t;.g. vl 7 8Dqe atqui AB .1BDq¢;§A-B. BCus.
oSS ) déigo ZY—AB. Q.E.F... o
efib.ist0.  Itaquefi AB ponatur ¢’ , , erit EF—y/ABy |
£t etiam}; proinde FG pentagoni,idemque fcofae- !
v oddg latus,'feﬁminor. Q.E.D. oy
. , i
- coroll., © -

-
gl

1. Ex didis infertur, fpharz diametrim éfe
: © potentia quintuplum femidiametri circuli quin-
que latera icofaedri ambientis. S
- 2. Item manifeftumeft ,. fpharx diametrum

effe compofitam ex latere hexagoni,, hoceft, ¢x
femidiametro , & duobus lateribus decagopiat: .
* culfambientis quinque Jatera icofzedri., . :
o " 3. Conflat dem'?ue' latera icofacdriop?"ﬁ"? g
i qualia funt RX, HI, effe parallela; Nam RX¢p* |
bfhabd ol LP.bparall HE. . L



SNV piberextrn 0 3agt
. Vi P RORXVIE S A

. “Ifo‘dérmlm)n canﬁxmm;*@' j}baa coinple&z, e
' zﬁ - wrédittas figuras; o desionfirire , quoddo~ + - 4
t’a dh“lamrns inyationalis eft lineg) quat vogatky, ! ;

"Sxt’Aﬁ‘cabdi date fphera infaiptus » cujus
rd Hifecentur'in pandis E; H, £y G,
K‘H’) &é Vre@teqiie adjlingfhrur’§ L, MHY
H!?“Ei‘ i Fak L IQ:: xg " (e 3% ¢
P ;ﬂ!rcs iphTQ. Enge O R,PS reéhs
Pﬁﬁd , & QT plano AC. ﬁ'ntqne OR, PS,
{ NO, NP zquales. Connexis DR
RS C C DT > erit DRSCT penta
E 6‘R,

cledii expetiti. Nam duc NV paral Ny
&'p?bha aNg'ad occurfur kurh cubj’ ceutro R
XY Teanhéde reftasDS, ,DP,CR, CP,; ayr.v.

i H’V“H’l"‘R"i uia DOY #—DK (X qu brexid, o3
"{il,foq ¢ == ON? (;0&1”" it DRY af.

— 4

L - . . ‘4. - -




”q .+ EVECERIDIS Klementorym

se sl =4 ORqe= OPq, velRSq. ergo DR=R{. -
. Simili argumeénto DR , RS, SC,CT, TP-pa-

f emgpr@. resfunt. Quia vero OR f = g & parall. IS,
8.1, SeruntRS, OP, & confequenter RS, DC &
o.r. fam Barallelz 5 bergo ha cum fuis conjungents
%8 bus HI’ s, VH iayno funt pl):no.qu:me;l[a;
oo uia HI. IQ &;: TQ_(TQ. ) QH t::HN.
Vs & ;im T 'HN,gtjuam %lj; NV tre:

AL e eideti plano, ! adeoque  parallelz exiftuats
PAS . m et THV rea finea. * ergo Trapeziu
; . *DRSCy& triang DTS inung fuat plano p&

reftas DC, TV extenfc, ergo DTCSR

pentagonum, & quidem quilateram,ex astedi

# ' . @is. Porro, quiaPK, XN :; KN. NP; &
.o D597 =DPq—+PSq ( PNQ)=? DKq+ g

k 4.1, . ='NPgy ¢ erit DSq—DKq—+3 KNg =+ DKg
f42  (4DHq)r=DCq. ergo DS=DC; unde o

gona DRS; DCT fHibi mutuo zzuilateﬂ fuat.

- ST a. T ORF

Ers

f&e
<50 fergoang. DRS==DTC; & paloang.
) 'g.sslto =%)C‘r.» ergo pentagonum D TCSE
L etiam equiangulum eft. Ad iozc._ quiz AX, DX
<315 1. CXy&c, funtcubi femidiametri  yerit XN=
e’ IHvel KN, vadéoque ¥V==KP. undgob angs:
{o ¢ limwrefum RVX, zerit Rkg—=XVq +R V4
Al (NPq)=KPq -+ NPq«= 3 KNgi=

9A1Xq, vel DXgi&c. ergo RX, AX, DX» & e
dem ratione X5,XT, AX @quales fustinte: fe
Bt fi éadém miethodo, qua conftruttum eft pes:
- tbgontm DECSR , fabricentyr 12 fimilia pei:
tagona tangebtia duodecim cubi latera, ea Do-
decaeffrum conftituents ac per eorum punda s
ularia tranfiens fphwra,cujus jadiusAX,velRX)
D odec:_lcdrqu'x comple@etur. Q. E. F.
coonfle. Denique ; quia XN. NO ¢;: NO. OK.¢
dﬁ.{! erft'KL. OP ;: OP. OK —+ PL. Iraque
ik op, fPhwra diameter AB ponatur jy erit XLe=+ |
g6.5. T ABJetiam . cunde OP, vel RS latus dodess
.3 edriapotome erit. . Q, E. D.. corl

— e i

» ST I



| - Yibe XIIL, . -
' eorall. S

. Y. Hinc, filalis cubi fecetur estrema ¢ mey
¢ fia ratione, majus fegmentum erit fatus dodecas _
; Wridn eadem fphara defcripti; EER
i 3 Sirelzlinex feltx extrema ac mediaray - . .~ ¢
, tiotie, miaus fegmentum fie fatus dodecaeds, ¥ '
majut fegmentum erit Jatus cubicjuldem fphere. .

3. Liquet etiam latus cubi zquale effe linew
nz fubtendenti angulum pentagoni dodecag-"
;i eadem fphera comprehenfis L

y ... Pror XVIIL LT

o ’ . c figurarum_ exe

‘R ter fe compira-

re, .

. Sit AB dia-

meter. fphrrz,

ac AEB, femi-

circulus.  fitq;

ACJ—._."' .'_AB" T

&AD ,=:imb

AB, Erigepers

+ A . KD ¢ 1 ‘l‘p;ndicd;lg:ef ‘

i : CE, DF; &

# 3G== AB, junge AF, AE, BE, BF ,CG.ex H

# demicté perpendicutarem HI , & fumpta CK =

# € exX erige perpendiculaem KL , & conge-

i &eAL. Deniquec fac AF. AO : AO.OF. 306 °
Itaque 3. 2 4 32 AB, BD e:: ABq. BFq, larus 3 "/ ¢,

§ Tetraedri.& 2. 1 ::6 AB.AC :: ABq. BEq, 7 la- f 14 83

¢ twsOfaedri. ; o e

. - liem 3. 1 4::AB. ADe:: ABq. AFq, g12-%"" "

¢ tus Hexaedri. N B eonfr.’

Rorrosquia AF. AO ¥:: AO, OF. &k crick wor.sv.s
. X 4 AOQ

=

q

BRI Ow

f
| S




328 - EVCLIDIS Eletentorum ‘
146 AO ‘latus Dodecaedri. denique BG (2 BC.)
mg.f.  BCI:HLIC.™ ergo HI =, 2CL » == KlL.ergo

neenfle,

© 4.3, HIq* = 4Clq.proinde CHq =,5Clq1 ergd

91\4.7", ABq= gqu.;ita{que K1, vel HI,eft radius cir-
;nr.lG. 13..culi circumfcribentis pentagonumicofaedri; &
10, 13. Y

AK,vel IB,f eft latus decagoni eidem circulodn-* -
- feripti. unde AL erit latus pentagoniy  idemque,
Icofaedri latus. Ex quibus liquet BF, BEs AF-
efle g""g.. & AL;AO.eflep’ 13 ;5 atqueBF
—BE { & BE T~ AF ; ac AF-£— AO. Quia
vero 3 AFq = ABq == 5 KLq. ac AF xAO
L8 T AFxOF, yideoque AF x AO ~+ AF xOF

A 16, -

yir. 2 AFxOF, hoceft AFqC—22 AOg.
. 3’ . rit3 AFq (s KLq) ‘= 6°AOq. proinde XKL
o E=AO; & fortius, AL — AO, g

.. Jam vero ut h®t latera numeris-exprimamus,
i AB ponatur 4/ 6o, erit ex jam ditis ad caleu-
lum exadlis,BF == ¢/ 40.& BE=4/30.8 AF |

" =4/ 20.item ALz 4/1 30 ¢/ x8:}nam

AK=y/ 15 s/ 3} &KL (HL) =4 1)
‘denique AO =4/ }-o 7 5006/ 257
;220 TR
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. _S¢HOL. - . .

Prater jam dictas figuyas nuilam dari poffe fige-
vam folidam yegularem (nempe que figuris planis or-
- dinatis ¢~ equalibus contineatur) admodum plsfpi-

cuums eft. Nam ad anguli folidi conflitutionem
Tequiruntur ad minimum tres anguli plani; a hi- |,
que omnes fimul 4 reltis minores efle debent.
¥ Atqui 6 anguli trigoni =quilateri,4 quadratici, brid s,
&3 hexagonici, figillatim 4 reftos exzqupnt ; 3%
quatuor vero pentagonici,3 heptagonici,3 ofta<
gonici,&c.4reftos excedunt.ergo folummodoex .
35 4> vel § triangulis quilateris;ex 3 quadtatis,
vel 3 pentagonis, effici poteft angulus folidus.
Proinde, preeter quinque pradicta, nulla exittere
poflunt corpora regularia. ’ '

- Ex P.Herigonio.

* Proportiones [pheve > & 5 figuraruw vegularium
eidem inferiptaram. ot

Sir diameter fphzrﬁ 2. Erunt -
Peripheria cireuli majoris, 6 ’&x'&.
Superficies circuli majoris, 3 (14159,
‘Superficies fphar® > 12 (§6637-4
Soliditas fphxr, 4 |1 379..

Latus tetraedri, 1 62299.
PR . = Lats
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 "EVCLIDIS Elementorim

Supetficies tetraedri , 4{ 6188,
Soliditas tetraedsi, o [1513 z.'

" Latus hexaedri, 1 tl; 7.

: Supcrﬁc:e; he;aedn »

Soljditas hexaedri, 1 ]5396.
Latus oftaedri , 1 41427,

. Superficies otaedri , 6 {9281, :

-+ Soliditas oftacdri, 1133333

I;arus dodecaedri; o { 112543

Superficies dode.caedti, 10 ‘,‘4:6.:._.
Soliditas dod;cacd i 3 (78516
v E

Latus Icofwed:i,y r o5 146.

: Superficies Icofaedri, o 57454
Soliditas Icofaedii, 2 fr361%.

¥
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Quod fi ex chaveq conficientur quingue figure
equilatera & aquiangule fimiles his que funiin .
Jubjede fignva , comsponenin quingue figure folids,
Frise complicensnr. o

LIB. .
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cularis DE, dimidie eftue
1 Zue linee fimpla > o=
exagoni DY, & la-

4l iferiph
G. | E4@aCH
y 4 = ELCD.
ergo ag. ECGY—¥DYd— A =
% C_ED (; ECD. )P""’il}de-ang;+ GC.D=
ECG=—/EDC. g quare DG == GC (CE.)er-

goIgFD: CE(Dq) —+ EF 2, DE + CE,

LAV L e
/ A .»' - %

S
o4

i

)

S
.

S Preetr 1L T

A G- B C $§ Iri;_xgv"reﬁe‘?f"{"f :

AB; DE extrema 4
media ratione fecentiy
'( AB.AG::AG.GB.

b e
) H E F

S

" e DE DH:: DM. HE;) ipfe fimiliter fecabun-

[
s

-

.nel\ldo igitur AC - AG. AG:: DF + DH.

tDu;-’l mH c;:zf)iem [cilim Proporsiones. (' AG. GB:§§ _
Acidoe BC—=BG & EF — EH. Efique .

ABx BG 4= AGq. quare ACqb=— 4 ABG

“ 8Gg e= § AGq. Similiter erit DFy =
5 DHq.. deigo AC. AG :: DF. DH. compo-

S

e __.__-‘
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DH. hoc eft 2 AB. AG:: 2 DE.DH. e pro--ean 3. .

inde AB. AG :: DE. DH. unde £ dividendo 7 ¥

AG.GB:: DH. HE. QE.D. '
Yy

“1dem circulus ABYD comprebendit 8 Dodecae-
dri pentagonum ABCDE , & Icofaedri triangu-
lum LMN, eidens [phere infcriptorum.

Duc diametrum’ AG , reftafque AC, CG. s fib. 4. i
Sitque IK dismeter fphere, s & 1IKg— 5 OPq. ° e
p¥iatque OP. OQ_:: OQ. QP. Quia ACqd g1 -
+C6q: =AGq 4= 4FGq; & ABqe= §°)% "
FGq = CGq. ferit ACq =+ ABq=— s FGy.g&u, .
porro , quia CA.AB g1 : AB. CA — AB; ac J =1 &
OP.0Q_:: OQ. QP. »ideoque CA. OP:: k2 684s’
AB. OQ, kerit 3 ACq ('1Kq.) 5 OPq }“'j',f
(mIKg):: 3. ABq..s OQq. ergo3 ABq = § B o 16,15,
O Qgq. Verum ob ML » Jatus pentagons citcu. 8 i 83
1° infcripti , cujus radius- O.P 5 erune 15 RMy : 1. e
e== 4§ MLq? =5 OPq =+ 5 ©OQq = *3:""":
ACq —+ 3 'ABq 9 = 15 FGq. 7 ergo RM afis 48+
=FG. s proinde citt. A BD —circ. L Iv/l N, fi.def.5.

Q. E: D

‘Proab




g 8,
€

g ax,
1 .
f 4!1. :.

9. f.
16,18,

£15.4.

" reHK . & perpendiculari L

. Si ex F conero civenti pinhaginnsi dodbsards

ABCDE circumferibentis ducasar perpendienlaris -
FGad pentagoni anum lasus CD 5 crit qued hl::
ditto latere CD 5 &~ perpendiculari FG compre
ditur veEtangulum tvigeffes fumpinm 5 icofatdsifs-
perficiei equale. .item, ety
.. Si ex.centro L circuli triangulums icoféedvi HIK
sivcumfevibentis., perpendituldvis L M ducatut 4
srianguli snum lasus H K ; evit quod fub difk lare-
15 compreendi
veiangulnm trigefies fumpewm, icofacdri fuperficici

" aquale.
. ‘ . . . A
%% 1aCFD,DEE, EFA, AFB, BFC #quaia. i

- "Duc FA,, FB, FC, ¥D, FE. # Eruat tiliogd-
qui CDXFG b == 2 triang, CF¥D, ergo 30CD

X GF e==60 CED 4=13 pentag. ABCDE +=

fuperf. dodecaedri. Q E.D. o
_Duc LI LH, LK. eftque HKxLM 7 =3
triang, LHK. ergo 30 HK x LMg = 6o HEK

. =ao Hle: uperfic. icafacdris @ B/ D-

- " conll, :
) ’_CD}_ch HKxLM# ::'fuperﬁ.C. dodecaed. o
fuperf. icofaedri, _ 5o

: : Prat

et
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Si es lolou/n-
dria Juperfisiem icos.
Jaedvi'in eadem [pha-
ve defcripti eandens

priporsionem  habis
quom B lains inbi
;d A D latis icoface

Circulus ABCD'
# circumfcribat tam * *'®
. dodecaedri pentago.
buh , quam icofaedri tnangulum 5 quorum la-
tera BD; AD ; ad qua demittantur ex E Gentro
perpendlcularcs EF, E G C; & conne@atur

Quomam EC+CD. EC:: EC.CD. eritbo. 1. l
G(c'EC-o-CD)EF (‘{LEC)ezEF.qunt. )

‘uv e
EG — EF(*CD.) arqui H. BDI'- BD. H~ 015.4. .
BD.g ugc(fﬂ m)> -‘%.G EF. proinde H % EF ""’.’1"‘*
=BD X% EG. quum dgitat H.ADS :;: HXEF. "',"g ]
AanF. ert H, A b4 BDI:EG.AD X EF leor.g. 1¢:
‘Q 1 é‘qi;rﬁc dodecaedri ad fuperfic. . xcof:cdn.

i l‘o ¥,




. hr-lhjt.

. A

Si yefta linea AB
Jecetur extrena dc me:
dia vatione ; erit ut ve-
&a BF potens id,juod
3 tora AB, & idquod
i majori [fegmento

tentem id quod i tite
) _ AB, ¢ id quod i i
L ' nori fegmento BCsitd

latus cubi BG ad latus icofaedii BK eidem [phere
- cum cubo inforipti, - b ;
Circulo;cujus femidiameter A
dodecaedri peritagonum BFGH
triangulum BKL. « quare BG léat

B infcribantur

us cubi eritel

:‘u.'q;‘-. ‘ dem [phere inforipei. igitur Kqb = 3:ABg
d ,';,ff'; < & Eqe=—3 ACq.ergo BKq.Eq4: ABg. ACq
fru e BGyq. BFq. permutando igitur ‘BGq.BXq=
{.6" BEq Eq.fundeBG. B: BF. E. QED
» ; 3 e AP .
. PRrob.VIL "
,  Dodecaedrim ¢ft ad Icofaedram, ut cubilarusad
L latps Icofaedri, in una eadenque [phera inferipti:
a3 14 yoiitam & idem circulus comprehendit &
birs. decaedri penrag{onum & icofaedri triangulnm-
: ,  berunt perpendiculares & centro fphzre AP
na pebtagoni & trianguli duétz inter fe 29U
les. iraque fi dodecaedrum & icofacdrum inte*
'Jjgantur effe divifain pyrzhuides , dudtis t*}&“
_ dcentrofphara ad omues angulos » omuu®
bk pyramidum ahitudides erant inter fo Zqu° 5.
¢$,&6.43. Cum igirur pyramides zque alte o fidt ut bafesy

& fuperficies dodecaedri tit ®qualis 12 pentd

JLonis » fupegficies vero icofaedri s0 triangulis ;
‘ att

AC) ttd"&lm Exfa‘ .

1, &icofaedtl

4

3
1

p— 1§

LS - - = __-‘
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erit dodecaedrum adicofaedrum , ut fuperficies it re. -
dodecaedri ad {uperficiem icofaedti, d hoc eft,ue 5 ¥
latus cubi ad Iatus icofaedri.

Pk or VIIL

Idem. . civcu=

B lus BCDE
P comprebendic ¢
() > g Wi - quadratum
E BCDE ¢ offa-

. . mameaiae ‘

edri trianguluys
FGH, ejufdem
. . . Iph‘r‘o
, Sit A diameter fphaere. Quoniam Aqe=3 , . .-
BCq b — 6 Blq ; itemque Aq ¢— 2 G¥q bgys., -
d= 6 KFqzerit Bl = KF.e ergo circulus CBED 5"4,‘ oy
= GFH. ‘QE.D. L dlaft

v LIB




R ] 1
L1B. XV.

- ~Paor.,l.‘
F

,i

o}
N dais cubs ABGHDCFE prewis
P23 dem AGEC deferibere. :
0 Ab angulo C duc diametros
CA,CG, CE; Eafque connele
h o diametris AG,GE,EA.Hz omnes
inter fe ¢ quales funt, utpote aqualium gua-
dratorum diametri. ergo triangula CAG,CGE)
CEA, EAG-xquilatera funtyac &qualia; proio-
L de AGEC eft pyramis,qu cubi angulis infitity
bsréfan eiqueideirco ® infribitar. Q. E. F.

.t

PRON |
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Pror Il
Indata ‘]ermid_e, AB-
DC oftaedysin EGKIFH
defcribere.
o Bifeta latera pyra-' 4o, 4.
fildis in pundis E, I,
F K, G,\.quué,con-
nete 12 teftis EF , FG,

b

o P GE,&c Hzomnesda-y, , 4.
gnales funt intée fé, proinde 8 triangula ENI, -
HE , &c. 2quilatéra fuiit & zqualia,, ade

conftituntit ¢ o@aédriii 4 in data pydmid:%é
feiprum. Q. E.F. 7

PRef I

ue .
i

In dato cubo CHGBD EFA oaedvas

NPQSOR defiribere. , , o
Connete quadratorum * centra N,P,Q,8,0, 4 ¢

R, 12 reflis NP, PQ, QS &c. quz s zqualia a 4 1.

funt inter fe, ideoque 8 triangula efficiunt ®qui- ]

l4tefa & @qualia. proinde ¥ infcriprurn eft cubo b ybog

$ OQaedrum NPQSOR. Q.E. F. s

' ¥z _Pror
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340 . . EVCLIDIS Elementorum ‘I
Pror 1LV

CE . I dat sy ADC

) ' DEF cubum infevibere.
41&" Laters pytamidis EA-

3 D BCD, cfrjus bafis quadra-
. - tum ABCD , bifecentur /
H

re&is L \MN,N0,0I&;,
gt . . que & mquales funt
NSRS AW / & parallelz lateribuis qua-

1 -drati ABCD. ¢ ergo qua
a3 cdr_ilztcmm LMRNO et
\' j quadratum.

Eodem modo, i latera
i F .. quadrati LM NO bif
centur in punétis G, H, K, I, & connelantt
GH,HK;K1, IG, erit GHKI quadratum. Quod
fi eadem arte in reliquis 5 pyramidibus ofaedi
centra triangulorum rellis conjungantur, deferi-
bentur quadrata fimilia & mqualia quadra
GHK.I' quare fex hujufmodi quadrata cubum
c°“ﬁ“}1‘:': qui qlgdem intra oftaedrum de{cfn-
. ptus erit; dcum ofto ejus anguli tasgant oli0

- 304 GQaedri bafes ia eamn? cen"jf Q,’E;g}‘;
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Liver AV P 72

In dato Teo rfaedro Dodecaedrum infcribere.

Sit ABC D E F pyramis Icofaedri , cujus
‘bafis penfagonum ABCDE ; centra autem tri-
angulorum G, H> I» K, L; que cons2$. 4
neftantur rettis GH , HI , IK , KL, LG.
lli)ritd_c;ﬂlKL pentagonum dodecaedri iofcri-

endi. - - .

Nam ret2 FM, FN, FO,FP, FQ,
pec centra triangulorum tramféuntes , 4" bife- ae s 5
cant bafes. b ergo rete MN, NO >, OP, byt -
PQs QM zquales fiint inter fe. quinetiam
FM,FN, FO, FP, F Q_c pares funt,

" dergo anguli MEFN, NFO, OFP, 5%

PFQ., QFM w=mquantur. pentagonum igi-
tur GHIKL zquiangalum eft; . proinde & ., ;. -
2quilarerum, cum FG, FH, FL, FK ; FL f pares f12. 13
fint. Quod fi eadem artein reliquis undecim
pyramidibus icofaedri ; centra triangulorum re-
dtis lineis connetantur, defcribentur pentagona
&qualia & fimilia pentagono GHIKL. quam-
obrem 12 huwjufmodi pentagona dodecaedrum

o Yz. con-
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conftituent ; quod quidem in icofaedro erit de-
feriptum, cum viginet anguli dodecaedri in cenr
uiis vigintd baflum icqlg‘agdr_i confiftant. Qui*
propter in dato icofaedro dodecaedfum deferi-
pﬁnms. Q.E.F.
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Ammotationes in Blementa Euclidiy ny-
per edita, in quibus obfeura illaftrantur,
erraiq emendantur, plurimague qus con-
ducant ad Geometrie yudimenta facilius
percipienda adjiciuntur. -

pag.13.dims. fcribe s, Rurfus ang. ACDe—eg.1. .

ADC;&ang. BCDe = BDCJetén ang.ACD: "9 ;

T-BDC,id eft ang. ADCCBRC. Q.F. N.
217 .Lult. fcribe, conjunganturque FC, 1C, &
producatur ACG.

p.18. L.3. feribe, fimili argumento ang. ICH=
ABH. ergo totus ACD f{BCG) ¢ major ef u-
troque CAB, & ABC. Q. E.D.

p-21. apponantur figura quz defuar.

P-40. lin.18. fcribe, Schel. . :

Ima (F fuerine due refte , fecenturque aombe in -~ .
qguotcungue partes , idem provesit ex dnbtu totins in
t0tum; & partinm in partes. _ '

Nam fit Z==A—~+-B—+4-C; & Y==D+E; quia .
DZe=DA4-DB4+DC,& EZa=——EA-+EBs1. 2 ).
~+EC,& YZ 6 = DZ~+EZyb erit 7 Y==DA ****
~+DB~+-DC-+EA—<-EB—+EC. Q.B.D.

Hinc pater yatio ducendi velbas compofisas in
compofitas. Nam omnia partium relaniula accipese
opovees, & habetny refbangulum ex tosis. ’

Sin linearumin fe ducendarum fignis ~+ ad-
mifceantur figna ~,etiam fignorum ratic haben-
da elt. Quippe ex—in— provenit— ;at eX— il
provenit—. Nam fit =+ A ducendain 3~ €. &
quoniam —+ A non affirmatur de toto B , fed de
ejus parte tantum,qua fuperat Cs debet AC ma-
Dpere negata. quare prodibit AB— AC. Vel fic;
quia B conftat partibus €, & B—C, *erit AB |
=AC—A in B~ C;aufer utrinque AC;erit AB - ™
~AC=A in B~ C, Similiter fi~ A ducenda
ficin B—~C, quonjam ex vi figni ~ non nega--

: - X 4 oy
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tur A detoto B ,fed de ejus folummodo excefft
" fupra C, debet AC manere affirmata. provepiet
ergo — AB—-AC.Vel fic; quia AB *=—AC—+A
in B~ C; tolle utrinque omnia, erit— AB—=AC
= A~ inB—+Cj adde AC utrinque;eritg;—~ AB
~+AC—=AinB-~C. ,
Atque ex his rite perfpectis,qua fubfequuntur
9-propofitiones;alizque ejufmodi innunterz, ex
linearum in fe ducarum comparatione emergen-
tes (quas apud Jfietam; & alios Analyftisin oo
merato habes) nullo negqtio demonftrantur,rem
plerumque.quafi ad fimplicem calculum exigen:
o, . -, R : .
Porro,” liquet produ€tum ex quapiam magni-
tudine in numeri cujuflibet partes aquasi pro:
duflo ex eadem in totum numerum. Uty A—+7
=—12A.&4AinsA+4Ain7 A=—4Ainli
A .quare qua in hoc loco de rearum in fe dudu
dicta funt, eadem de numerorum  in fe multipli+
catione intelligi poffunt. proinde etiam quz in9
fequentibus theorematis de lineis affirmantur,¢a-
dem valent de nuineris accepta; quippe cum itz
omnes ab hac ptima immediace dependeant; &
deducantur. © .
?- 42 inter demonttr. & Schol. propofitionis
"quintz, fcribe. : '
Hoc theorema panlo aliter effertur, o fatilins dg—
- monflratur,fic;ReBangulum ex [umma & différentia
duarum reftarum AE, eguatur differentie ”‘_il’.f‘" .
fek s, Namfi A~+E ducaturin A= E,*provenit A
: — AE~+EA~ Eq—Aq~Eq. Q.E. D., :
P-44. poft demonftrationem prop.g. fcribe,
Aliter effertur & facilivs demongtratunfics
Aggregatuns guadratorum ex: fumma , @ diffe
rentia duarum. rearum A, E,equarur deple.qué-
dratoram ex ipfes. o : '
ags Nam Q; A—+E s==Aqe+Eq+2 AE.& Q;_A
"_ft‘iz. 5. TEb=Aq-+Eq— 2 AE. Hac colleéta faciuot
*Aq+2Eq. QE.p. p61-

dig.ax,

“ o
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67. poft demonlrationem prop.2 8 feribe 5
PQ:IAOS fi fubtenfa AC =~ vel A DF, erit f{i-
milimodota cus ACT > vl Y3DF.
.- P71 polt demon-
firationem prop-3$.
{eribe, Facilius iic, &
univerfaliter ; conne-
éte AC & BD. atque *'§ *
ob angulos ¢ CEA , bt *
DEB, bipfofque C,
DB (fupet eodem arcu - .

AD) pares ; trigona ¢ cor.3.1,

: »CEA, B3D, ¢ xqui- 44 ¢
| angulafunt. 4 ergo CE-EA:: EB. ED. ¢ proin- ¢14.6,
] deCEYED—EAXEB. Q. E. D. : ’
: Qua ex 6.lib.citantur , tam‘hic gnam infeq-
it ab hac minime pendent;quare iis uti lcuit..
D p 71 Inter de-
" moniltr. & coroll, -
prop.36. feribe » Fa-
C - cilius ac univerfalius
fics
1'ucAB, & EC.
ac ob angulos A az.3.
DBCapares; & D Z:‘é_" )
communem , trian- dyy 6.
. gula BDC ADB
A b ®quiangula’ funt.
. - ¢ ergo AD. DB 3
.. DB CD.dquare ADXxDC—=DBJ. Q.E.D.

NS

p-76. ad def.7. 4. fubfti-
tue figuram hanc.

pag.83. poft demonftra-

tionem propof.10. 4.fcribe.
S B fe g
S v C 2c,

N
.




4 a3 &
b esnfly,

Byp.
dé.r.
[T S
f3ox.
[T X 3

b

‘AB ZXc.

'A . Hac conftru®tio Analytice in-
atur fic ; Falum fit; & angu~
tum BDA bifecet refta DC. sei-
c go DA. DB:: CA. CB. item ob
ang, CDA b ="t ADB (=A, deft
CA=DC. ac*obang,DCBe=
B . A+-CDA=1Ae="B,4critDB=
DC. f ergo DB CA. proinde
DA. (¢BA.) CA :: CA. CB.g unde BAXCB
=CAgq. : .
[.98.qfcribe Prop.8. 5. fic. )

. . Pror 8 )
Tnequalinm magnitndinam AB

F|B ACmejorAB 45
rem babet vationem , quam whinor
" AC: ¢readem D «d minsrem AC
ol ' majorem vatiosem babes,qiam ad ms-

forem AB. :

Sume EF, EG,ipfarum AB, AC
A D =quemultiplices , ita ut EH ipfius
' D multiplex , major fit quam EG,
at minor quam EF. (Quod facile
continget, fi utraque EG, GF ma.
- jores accipiantur ipfa P.) Liquet

5 Juxta8 def.s. fore AB = AC ; a¢
~ D N

)
D™IP QuxE.D.

s

#- 100 /in, ult.poft B, D, F.feribe , Porro ob
ABb:C.Db:E.F,'Mi G ey, 2K, enit
fimiliter H —,—, AL &I, =, "D Mac
prc;;nde i G ., —, ™K, erit fimili modo G
r L= 3Kt L+M.¢ quare A.B::
4 -'-C'-I-E.B-'{-D-J-F. Q.E.D.

B G DH SR
&c.ut fequiturjby, C-F s G, HE- e

. P-104.lin.1.poft KO feribe, Teaque ablatis hise

mde communibus HL,KM,&c. ut ibi fequitur.
e et

eandem D majo- - -




LA
p-111. Lx2.dele; Hujufce demonﬁrauo > &ec.
& feribe, Intellige G==DE. ergoBC7G. b ecgo a

¢
AE‘t;_ Rurfus concxpel-l = E-‘crgoH'aA °f‘ P
s quare AC"H.b promde A:-Hlvel D Q E. D PR

p114. cirea 24.0in. dele,cum igiwur, &:{cube
Verum fi HC, &c. ut fequitur. -
- pa16.4,2.dele Ime fi plures,8ec & feribe fic.
Schol.
A mfipliees DEFG,
ad unumlaius BC pral-
lele fuerint 5 eriut omnig
laterum [egmenta propor-
tionalia.
Nam DF.FA 5:: EG.
|3 &g Aj & componendo,
D » E mvertendoque FA.DA
& + GA.-EA; sac DA, 336 .
B~ DB:: EA.EC. ergoex
' #quo DF. DB:: EG, EC. QE D.
Coroll,
SiDE.DB : EG. EC, aerunt BC,DB,FG pa-
rallele. . oo
p-119. Prop.8. demonftretur fic.
Nam ob an§ulos BAC,ADB srefosy b ideo- o t” :
* que zquales, & B communem , trigona BAC , b stax- o
ADB ¢ ﬁmlha funt. Simili difcorfis » Gmiliafone ©2* &4
trizngula BAC,ADC. 4promde ADB, ADC dvid 16
* fimilfa erunt. Q.E. D.
coroll. &c, ut fequirur.
pag.121. lin.antepen. fcribe, Vel fic; Datz fint
AB,BC; ex qmbus fac angulym reGtum ABC.
duc A C, - & huic normalem CD; cui occur- .
r;lt) AB protraitain D. aseftque AB.BC :: 8C. 4,86,

a pg 322, dele figucam iftam forciferam.

ibid.




e yqe
ibid. lin.6. dele, velita; CD—CB. &qug
feq. cum fua figura, )
pag. 123. pottlin.3. fcribe, Vel (in eadem fi-

" gurg) fint AB, BF dux date, bliquetefeA B.

e 86
bew0.6,

c3q4 §.
afb. 1y §.

55

BF :: BF. BE. :
- 136. Propof.31. ¢ demoofiretur fic.

Ab angulo reto BAC demite perpendiculz-
rem AD. Quoniam DC. CA :: s CA..CB,
berit AL. BF :: DC. CB. l:em ob DB.BA::
sBA. BC,serit BG. BF :: DB. BC. cergo -
AL +BG.BF: : DC—+ DB(BC.) BC.ergo
AL 4+ BG = BF. Q.E.D.

pag.146. lin-penult.fribe, vel fic,(ita =% &

* : . 3
b—y. quare 3 a==x, & 2 b=y."ergo 2 a+2h

2

‘== x—+y.€(g0a b =x —y.

Y-yt

I .

§- 147 lin. 17. fcribe, Velfic, fita== 2 % &
. 3

be— 2y:& X+y=gob3za=—zx &3 b=zy,

3 . .
eft3a—+3b—2x—2y=—2g ergoa—+b=
fg==i:x—ty. T

p.° 149. Lo fcribe, Vel fics (it a—=b& c‘-’—Ti:

: . T
vel3 2= b, & 3¢ = d, eftquec *—._-3_c=§:
: a ” a b
#bid. lin.23. dele, Applicare potes, &c. & ferd-

" be, Vellic; fitaz=2b, & c=ad.vel 3 a=z ab>

3 ) :
&3¢c—=2d Efc=3c=—2d—=4d
‘ - —
a 3a zb” b

L 3 ;
AE, EF, CG, DH, i proportionslés
4, B C Dy pumeri A,B,C.D
E, Im G, H proporsionales -
A " ‘meres AE.BF,CG,
pH
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DH metiantyr per numeres E,F, G, Hy erxnt ei
(E, F, G, ] proporsionales, :
Neam ob AEDHs—BFCG,¢ & AD==BC, , .5.
betit AEDYH == BFCG,c hoc eft ' EH = FG. b;:::.
R e T -

sergo K. F::G: H. Q.__E. D.,

Coroll
Hinc \h{ —BinB, 4Nam1. B :: B.Bq. d & dvs.if
: 44 i A
1. A:: Al Aq. CC’gOI B:B. Bq dergo Bq:: lom.pris.’
BxB. Similiter B in Bq = BC & ﬁf de rehqu:s.
a 2 Ac Ac Ace
PRoOEP 22 .
“Aq, B, C. i tresnumeri , Aq, B,C
4 8, 16, deinceps fint proportiomales,
. pr:mus autem Aq fit quadrasus;
& tertiui C quadratus evit.
Nam ob AqC e==Bq, b erit C‘—‘Bq == Q.B. 8107,

— by ux7.
P . A Crorlem.
quuet vero B effe numerum, 4ob Bq, vel € nu- o

Aq . & .,.8
merum. ergo ﬁ eres, &c. o
Pror 23

Ac,” B, C, D.  Si quarnor numeii Ac,
8, 14, 18, 27. . B, C, Ddeinceps fint pro-

: . portionales s primus antent
Ac fit eubus; & quartus D cubus erit.

Nam quia AcDs—=BC, berit D“‘BC;W 7-
:Q-C 70:‘:—‘
B X C, hoc eft (ob AcC=— ¥ B.},& b?ro- r}:a. !
di0.7.

-

mde C__Bq) D—B qu"—BC'-—" C: B. -
Ad e A¢ ace - Ac
w hquct veroipfum B efe numerum,quia BCsvel ¢ (5.8
- Ac Ace .
D numems ponitur; ergo i quatutr tumeri;&e.
. p-192-




#1393 fubiftitue hane figurany, :

/A~ 3: Lineares -
> &a AB et ad
planom C D
. fefta, aumad -
. fetas _omney
lineas BD,BE,
BF, aquibus.
illa tangitur,
qti@que 1o pro-
pofite funt pla
3 Ty . B0s refos ef. .
“ficiv  angulos
ABDj; ABE, ABF.
4. Planum AB

. A [/ x ad plantim €D
c / / P;‘l; re€tum eft , cum
. af . relt® linez FG»

_ HK ;, qua com-

o ‘ }néti?i planom:&
- o | - feétoni EB

E ‘G -K B retos’ angulos in

: - ‘l.!m'o plano AB

4 1 -
£i plano CD ad refos fyne a:cgﬂ:r >
: $. Rellz




351 .
5. Refte 13-

A. . 8e®AB ad pla-
num C D indi-

natio eft , cum 3

— T fublimi termino
A re@x alius
linez AB ad pla-

) B B sum CD dedu-
&a fuerit peipen.

D dicularis ‘A E;

atque A punto B, guogdpetpendicularis AEin

iplo plano CD fecerit, ad propofita illius lines
extremum B, quod in eodem eft plano,altera re-

&alinea EB fuerit adjun@a: eft, inquam, anpy. .

“las acitus ABE infiftents linea AB , & adjun

c

E?eomprehenfus. - N
e Mirl
oLk

o E

H )

D
. 6. Plani AB ad-planum CD inclinatio , et
angulus acutys FHG redis lineis FH , GH con-
tentus , qu in utroque planoruin AB, CDad
idem communis fe@ionis BE pun@um H dude,
+ 1eftos cum feltione BE efficiunt angulos FHB,

GHB. )

 beg




R 5 £2 S
- b#g. 275. Propofitio21 feribatur fic.

Prosp 2. - q
D Omnis fulidus :m{t; '

E lus A fub minoribus
quam quaiuor reckis an-
] gulis planis continetr.
. Latera enim folidi !
anguli A fecans pla-
) num utcunque faciat

3
C. L figuram multilateram
BCDE, &totidem triangula ABC,ACD,ADE,
AEB. Omnes angulos polygoni voco X; &
fummam angulorum ad trigonorum bafes voco
asuré Yiquare X ¢ Re@.d== Y~A. Quiavero (=
feb 1 angulis ad B) beft ang. ABE+ ABC C~ CBE;
cs.exs. idemgue verum fit de angulisad C, ad D, ad E.
‘(lLigueIt)fore Y X. proinde erit A "2 4 Red
I * E. - ’

~ p. 277.lin. antepen. dele Brevitatis caufa as.
&c.& fcribe fic; Affumptum eft fore ADCHL.
. " Hoc aufem conftat. Nam i AD=vel ~3 HL,
cmpy,  Srit2ag A s =,b vel C~HLIE odem modo erit
8. B=,yelc HEK, & C—=,vel =~ KLI quar
3i%%  A~-B—+C * quatorreQos aut exzquabuntait
H.n excedentscontra hypoth. quin potius fit AD £

HL QE.D. ‘ -

E .

ETNTS ‘




U CLIDILY
DAT A 342402
JuccinSle deménﬂrata',‘

" Una cum Emendationibus
' quibufdam & Additienibus
ad ELEMENTA.

EEVLLIDIS

nuper edita.

€oll; Trin; Soc.

Opsta
Mn 1s.Basrrow, C'mférM;

tmdcbax.ﬁnids tcsf E

N P






 Omatife i
DIACDBO STQCK;
amico firo & :;j>atyxbxio" L
- fingufari. © -

B\ E¢ publica . nec tui nominis luve i
& grum cenfeg huric pascoriom dibim
NGB partum pufilium & prematuriml
B\ Qui quidem quod fe m«ﬂe’imfg:”;
OO Tibi, [peitandum obilerst , duplitt
nomine arvogantie fpeciem incurrit, Sed wtringié
. parata cft excufatio qralifcunque. Navis ‘ammicd dba
teimperatiim oportuit Jubenti mirterem hunc libel-
lum Euclideis (que cognarione proxima attingit) '
Elementjs [ubgngendunmdn eum quicquid eftin pu-
biicum ant peccati aut meviti protinus reficio, falti
cujus apthoy fuit  yationem redditsrum. In'Te au-
tem deliltum quod maxime aggravat, idem potenter
extenuat, Tibi tantum debere. Nam cum iis,qui Diis
ip(fs facrificia , ac modica magnis Regibus donaria
offerre sirm dbbitarunt , fatins effe credo, etidm pro .
immenfis beneficiis parum 5 quam nibil rependere.
‘Skficiat igitur vegefsiffe, me Tibi multis magnifque
nominibus obftrittum fore ; vices , quas potuero ma-
ximas, referre debeve ;5 ultra vota & grates nihil
poffe ; illa privatim , has publice perfolutas pracelle-
ve ; quibus agendis 5 quam jamdiu [pe - fludio axn-
capoy, occafionem nondum comparere 5 preflave banc
Z 2 oblasam

‘



L -
oblatoms prabendere,quamvis exilems guem elapfons -

nequicquam pimitentia profegui. Efto igitte hac
buan’éqﬁguﬁr quodhm”gprclﬂdiamﬁﬁnn am-
Pliaris ; in quametisdrim inme Tuorss bifloris -
. beviok ae diftinttior commemorands ocenrrer. Que
Simpliciter agwofcere ; nomant fufe deferibere 5 ans
digne pradicave, prafentis eft inflitati. A: revera
Jjams brevis [um ixwr dixovyl 4 Sopds recefsitate po-
ting coaftus., quam induiins confilie. Namme vels
venths txvgentia alid avotant § e veveor ne bec pe
ne curventi calame exequentem , que hec ad te parfe-
ree, amica widnus , imporsuna patientia prefloletar.

Q.id fuperef igitur, nifs s e domsi fPudsis ac rebus:

koneflis animum intendentem [elutari prefentia n
BELKY 5 enws exoress vewerandi ac &y monsinis ;
quem tante beneficentia benignum romuncrarorem
Jugibus votis exopso 5 lemque vire exeeinply fupet
Xyrrbenos 5 Ienios , Kgeofque finBs linginguan
- pwofeltionems [ufcepturnm Lomitetny Obrefior antem,
e sennis opella pasrocitiinm re[puds; guod wlsro it

Pirive dignasns es

~ Tibi devin8lifimo?.

& 'qbfequ'ehtiflﬁmﬂ’:‘ ,

-~



35y
_EPCLIDIS Dat,

- Definstiones..

=< Ata magnitudine dicuntur réadd,

3 linez'; anguli , quibus #qualis’
19 } poffumus invenire, N
. ICA g4 11 Ratio dari dicitur,cui pof:

et (umus eandem invenire.
1IT. ReQilinex figurz fpecie dari dicuntus ,
quarum & finguli anguli datifunt, & laterum ra-
tiones ad invicem .dat funt. '
Hinc, datz Yunt fpecie figur2, quibus fimiles
inveniri poffunt, :

1V. Pofitione dari dicuntur pun&ta , Linez, - :

angulique , qua eundem fitum femper obtinent.
V. Circulus magnitudifie dari dicicur , cnjus
¢a qu ex centro datur magnitudine. o
“V I, Pofitione & magnitudine dati dicieur
circulus , cujus datur centrum pofitione , & ea
quz ex centro magnitudine.  * -
" V1L Circuli lﬁmenta magnitudine darj
dicuntur,io quibns -
li & fegmentorum bafes. . . ..
V I'lL. Pofitione & magnitudine dari dicun-
* tur circuli fegmenta, in quibus anguli magniru-
dine dati funt , & fegmentorum bafes pofitione
& magnituding.. S -
1X. Magnitudo magnitudine major eft data,
- quando ablatadata, reliqua cidem =qualiseft, " -
X. Magnitudo magnitudine minor eft data, -
. quando adjun&adatastota eidem zqualiseft, -
Ut i A datafit erit-A~+ B~ B data.” At
~B" A - Rdata. Rt
X 1, Maghitudo magnitudine major eft data
quam in ratiohe, quando ablata data ; reliqua ad
eandem habet rationém datam. *_:. . -

ti funt maguitudine afkn- .



fd. - * datanihifita = A.cergo b== B.oqu
QED. ¥ ¥ .

358

® o -
g
bz

badef o,
€9.4.

o
o
]
-

& vndof.d.
byexy, -

i

TACT

@—__' b. & proindeshm B.datur,, Q. E+ DI; '

EVCLIDIS Daua,

XII Ma pitng maguitudine minor eltda-
ta quam fa edeioné , “quande adjunia dataton
ad eandem rationem habet datam.

Ut fi A data 1578 B'detuir, erit A-+-Br—Cda-

Lo G LR :
taq.inr.fi A -+ Bdetur; erit ﬁ“a C d?fﬂ
g-inr. STET i

- AR LT SR A

v PROP T ¥

£. B Dataraw magnitudivum AsB,

o Baad invicem darur vatio. .
. .. . Namquia A ¥ datur, s inveot-

1i poteft 4liqua 255 A Bodein jure fime b==B.

. beftque a, b :: A. B. ¢ quire ratio Adataelt
o B DA B Rk =

e, PROP 2, _

A, B: - Si dasa mugyitudo A adaliaw
a. - b ‘4li41,1_44mBba‘beq,tratimm_dqn'tm,
PP ;damretiltm_baMamagmnfdm-
Nam ob A * datam,s fumea=—A; a ob_{\
: L : . B
are B datur.

-;,,;L-,’;? P. 3. ‘
.~ B Si quotlibei date mg{eiffadt»fr
2. B A,B componantubsetiam éa A-+B
. gueexhis compqnigg'tr datacrit:
Ndml‘capcaj: As& b":_':_B,'& ggea—i:b

1 ==A:Blaquare A~+B ditur. Q.E-

" o R RAR e
A LBt 8i 3 ata megnivndine A aifert
a. b. tur data magnitudo.B, etiam rél

CTY ogee’Ae B ddbitur,
s Sint enimas A; & b= B. ergo A=B=

RoP

e —



- "EVCLIDLES Darg.. - 359
Pror, g
A, B. s magmtuda A ad, ﬁu.;j)ﬁus ali-
C. D. Zudm partem B habear ration
atam 'y etiam ad relzqua»i ‘A ?
babebit yationem datam. . . -
Nam, quxaAadaca eﬂ thA B C D.‘;bfhfd ’
cergoA A= B c C—- D: Fprolhde A‘c"’” !
datur. ' Q.E. D. CA~B
Pro .6 o R"é*;-_ 3
A " E Si campondmur’du w:ggmmd: “HL LY
C. P nsA Bshabentes ad inticem rasip.
o nem damm » etiam que ex his com-
ponicur magnitudo A—B ; babebis ad utramqueA
& B rationems datam. -
Nam & fit A. B :: ©. Diblergo A + B, sl
By CopDoD.c quate A—+B datur Srmxllm c. 4./4
B~+°: dmt Q.E-D. B E

. PROP 7o
A, 7 B, SrdammgmmdvA—i-Bdm
ratione /’ermr,ﬁmu»qne ['egmm- ,
toram Ay @ B datum eft. -
Nam obA* da:am a erit Aa-+B data b ergo * ?P-

K - badat,
A datur r,odem modo B datur. Q_E D. ; :

.PR opPy 8.
A. Co -B. Q_MA,B ad idem @ varionem
D. E; FaS Imbmda’tam,babebuﬂtddmmcem S
WL rationtw datam. D -
NamﬂftAG“D B. a&CB E.F.
quare.ex ®quali A.B:: D. F. ] ergoA datug.
Q E' D PR

st defde

coroll..
R:mones ex datis ra;lombu; compoﬁczpd&
funt, Ut A ﬁtexA.&Cdaus“
B T ®
- Z 4 PEo e

e S et s A b e

e S i i Tk LALE L T
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"A. B.r C.  lidue, plurefve magnitndines 3
‘D K F A?B, C adinvicem babeans ratie-

" yatiomes datas 5 etf nom eafdem 5 ille alie magniti-

A. B.- €. - simagnitudo magnisndine majet

‘Weseadems veliqua magnisnding major erif dais 4hén

 EVCLIDIS Data . T
“"Pror 9

nem datam , babeant autemille
magnitndines Ay B, C «d alies quafien D, E, F

%A' D, E. E etigm ad dwpicem habent vationes

e, .

" NampgatioD #fit_exb datisD , A, Bjeergo
L R

D datur.Badem dé caufa datar E. Q.E.D.

F

3 .

s P R O p IO .
A. B. C,  Simagnitudomagnitndine wejer

. fuerit data , quamin ratione ;6 -
] keraque ilke eqdem major erit daraquary inré-
Hioke.Sin antem fimu] ntidq; magnitudo eadem ms-
Sritudine m‘z';r fueris data,quam in yations;0° re-
fgna illa eadem major evit data quam in rationsiahs
veligna data eft cum confequente, ad quam habet 4-
ttya magnitud rationems datam.
1. Sint A, & B date. 4erit B+ C data.ber- -

: c (3 .
g6A—+B—+C—C data q. iir. QE.D-
2. Sint A; & B~ C datz ; cergoB datu.
. = Eq

. SR
proinde A + B Cdatag.inr. QED. |
- 3- Sibt A4 B; & Cdatz. 4 LiquetBdati..’
Q.E.D. o e - B

Pror 11 -

fit data in ratione , eadem -
ﬂ,“,l_umqae mnjorm}: te guam inr arione. 5{ ﬁ
Sadews gue smajor fiz data quam in tati

w;mm
IR 241 . ) I-A




" EVEGLIDIS Data. 361 -

1. Ay &B danuir. 4 ergo B, datur. proinde |
-‘+ b \ def d,
bA+BC’B-+Cdataq inr. Q.E.D. cf.dat,
2. A& Bdanrur ¢ ergoB B datur , Proxndc
<

pA—i-BC._C dataq.inr. Q E.D.
PRoP 12, .
A. B, C.  Sifuerint tres magnitudires
A,B, C, & prima cum fecunda
€A - B) data fir -, fmtmta quoque cum tertia
(B—+C)data fit ; ant ptima A tertie C ¢qualu
oft, ant altera altera major date.
Nam fi A + B, &B ~+ C pares fint »? liquet a gur 1. «
A & € =quari ; fin itz impares fuerint, b liquet b,.:-, !
exceflum A . C, velC — A dari. Q. E. D.
Propr 13
D, A8, C.  Si fuerint tres magmtudmer
E. D; A+ B,C, o earampri-
: ma D ad [ecundam A —-B
babear r.manem datam 3 fecunda antem A~+B ter-
tia C major ¢ data quam in vatione; prima quegue
D major erit tertia C data quamin ragione. .
" SiotA, &B, ac D dute; aﬁtque A-+B. esafs

R e
D:A.Bbi B.D—E. erger d& B dudfid
—E e 8.dss,

& (odeatam)GC dantur. fquare D (E S Dl
: —E
D-E)L"Cdataqmr QE.D.

PrRoPr 14
A. C. Si due magmmiwn Aé C
B.. D. - ad muiceni baqut rationens da-
“ E. . tem, wtvigue dntemillaram adji-

ciatur data magmtudo B D
tote A~-B, C ~ D ,ant babent rationsm dasam, -
. aut altera A—!—h abtera C+D major erit data.
gham inratione.
. - , Nam




30« BYULIDUIY Dfs. T
;;;;faf Nam i A. C::B.Da: A+ B.C+D.
c hdefid) ob& b datam, < liquet 5—:2 dari.., :

c : c—+D
41.4f4  Saltemdfit A.C ::E.D.o::A~+EC+D.
fqdor. ErgocA —+E aceE, fideoque B E dantur.
g s df 4 '5-:,5;-_ . : o
gproinde A~+B (A <+E: ++B=E)CC .
—+Ddatag inr. Q.E: D, : .

. . PRoOP 1.
A C. . - Sidaemagnitndines A€
B "D.. babeant ad invicew rationem da-
E. . ‘tam, o ab usraque barum anfe-

tur date magmitudo B.o* Dirt-
ligue magmitudines A = B , Con D adinvicem ha-
bebuns aut rationens datam, ant altera BB al-
ra C . D major erit data quan in rasione.
bNam i A. C::B.Ds :; A~B.C~ D
dhp ~ ob A datam,.¢ liquet A . Bdari.

. . C ! A ~C .
3. der. Sakem4fit A.C:; E. Da::A—EC=D-
f44%  Ergo *A_E, & ¢E,acf ideo B ~Bdaoun
18,44, CD - : IR
8 ,"ProindeA...B(A-E:+E...B):‘C.—-'D
dataq.inr. Q. E. D.
- PRoOP 16

Bb" : C. ' Sidue magnimdim: B,C ba-,
A. - D. - beant rationc divam 5.0 ‘amu
E. quidem illarim -C auferapur 8414

r~ miagnitudo D , alteri ansemBot

jiciatur data magnisudeA: 5 tore. A—+B ffﬁd“f‘

o C — D maforerit data.quam i ratione. .

g2.4f 4. Sitenim C.Bs:iD. E b C—D. B-E

cs?4f 4 80¢C=D &dE,dceideo E~+A dantur- fpre-

A s der. . B - E; , . .

iy inde BrA(E— A: -2B,oE) T Com Dd¥

taq.1nr. Q. E. D. - RO

PRO®




EVECLI BIS Data. 363

PrRoO P 17.
A-+B, D—I— E. - Sifuerinttres magmmdt- B
c. nes A+B,C,D~+E; o -

 prima quidem ;A ~+ B Jecm-
da Cma]or f‘ t dara quam in ratione , tertiaquiguk . -
D—~+E eadem fecunda C magor fit data quam in
ratione; prima A~+B adtertiam D—+E aus ratio-
niem habebit datamyant altera al:em major erit deta
quam in ratione, .

Nam ob A,D;&B Ee datas, bemB data. },{';m'_ :
©c :
ergo per 14.hujus. Co . -
P R OP.. ISh .
A-|—C. E. G Si fuerint. tves magm-
B<D.. F.. H. . tadines, atque ex hisuna
. utraque reliquarsm major -, . \
fit data qudm in vatione 3 veligue due: aut dagam
tationem habebunt ad invicem,autidltera altera ma-
jir erit datd.quam in ratione. :
Data:fntA,B,C D achit A—l—C:’:B—!—D L

B F -
SxtqucC.Ea A.Gb:: C+A.E+G. x:emque ardfd
D.Fe:: B: Hbz D*-f-B F + H. cengoc“,,,,‘
C+Ad hoceft B+D., «& B~ Dsac eidcirco d IS

Evov ... E=Fy - - . F=FR . K hdn k]
E+G-quin& G acHf dantur. ergo per 1.5
F—FB" R (h u]us.
Yo .o PR O P 19 R
A«B,. .E. . 8 [fuerint sres magnitudines , ¢ :
C—pD,, F... prima quidem magnisudo fecunda . ¢
& . magnitud ne major fit data guam -

in vatione, e quogue fecunda major tertia dasa
quamin ratiohe;prima magmmdo tertia magmmdt-
e major erit data quam in razione,

SintA,C; & C-!- +D), D data ;. dxcoA-.t- B

C\'Edataq nr.

o e 8

Nam




364 EVCLIDTS Datar 7
t.dfd. Nam ficC—+D.Bs:: C.Fé::D.BF.
"“}‘ gocC&dF,aclldcoF-l-A,&tD!xdeoquc

s,
2.
div B danmr. € proiade A-f-B(F—e-A -;-B... F) :
g1 f 4 3_]
tEdatageinr. QE. D.

PRropPr 20 . :
A. €. E. Si date fuerint due ms 5”' ¢
B. D- . -dines A,C; é"ﬂfﬂ"mr ’Pﬁ’

magnitndines B, D habentes od
invitem vationem dasam;refidue magnitudinesA
B,C —Daut habebunt ad invicem rationem datem
aut altera A B altere C = D major erit daa
gram inratione.
o0 5 Namfi A.C:: B. Ds-' A~B. C..D, bli-
brafd  quetA — B dari,
- e-vD N .

¢ adet Saltem fit . Blv C.E2:C DE—B'
dgda 1804 C &< E,acd propterea A_E, b itemque

sndfd -
c-‘Ddatzfunt ee:zoA...B(A-E +E

ELB
~B)E"Cn~ Ddataq inr. Q. E, D.
Proer 21 i
A. C. E.. .S date fuerint due magits- _
B.. D. . ues A, C; o adjiciansur fpfie |

N lie magnitudinesB, Dbabenses'sd

" igvicem rationem dasain;tot@A =B, c-p-D aut e~ ;

i Bebunt adinvicem yasionem ddtam,un alteraA-+B

" g altera C+ D major erit data quam inrafione. |,
ok,  NamfiB.D::ACa::A~4+B.CD; bl
: © quet A+B dari. .

D -
s o sal(t'mhtB D#::B.Ca:s B+E p-+C
dyg dor,, ergocE, 4 ldepgue A~E, & B +E daoms

B




PP OLTDTY Data. 365

eergo A~+-B (B—+E t: <+A mE) TC~+D da- ¢ 1nief.

tag.inr. QE.D.

‘P ROP 22. 7
A Si du.e magnitudines A.B ad aliam ali-
B. - quam magmmdmem C babeant rationem

dasamyon fimal usraqué A — B ad ean-
dem C babebit rasionems dasam. )
Namob A Bs datas, éerit A data. ¢ quare,
i E,E S B b 'l.
A+B sideoque A+-Bdataett. Q. E.Ds g 4.
¢ : A

el

’ PRoR 23 .
A - B
c—EL S

) 3

v Sitotams AB ad mum CDh habeat vationem das
tam 5 habeant autem ¢ parses AE, EB ad partes.
CF, FD rationes datas ( et/ non eafdem 5) habe-
Bunt omnia ad omnia rationes dasas. -

Nam fit AE.CPs :: #G.CDs;:: GE. FDuauf o
sergo GE datur.quare (obEB ¢ datam) derit 218 5!

133 FD d8.der.

GE ac . ideo EB data.. ergo quume AB &g desi
5,
0G4 1deoque A B ac proinde ¢ A B dentur,.
<b, AG,
“ntEBd'ata (&are 'AB & ‘J E & El :

/ A, . EB, GF
dantur QE D. X

A

B o propormmler fumm ima .
C- autem A ddtertiam’ C habeas
yationem 44;“; @ud fe;undam B Giabebiz ratid-
s dasam. N

i \:ﬁ

P ROP. 24.
ine . Sitresvelle linee, J;B;t'

s e ek e e e ¢ e e =



366- - EVCLTDTE Dagr—
:;u‘:;: : Nam- A, ‘C & Aq.v By bgrgo _;}qq .datz eft
€44 proinde Acdaur.- Q E.D.

. g

PR o P 2. .
D St due refte li-
nee y AB , CD
poffiione date femu-
N tuo fecuerint , pun-
&um E,in guo fe in-
vicem fecant,pofitiv-
‘e datum eff.
#4df4, - 8Nam he linex alibi quam in-E;neutrius fitt
mutuo, fefe interfecare nequeunt.
o Schel
« ¥dem patet dequibufcuaque Jineis pofitione
datis, feque in-unico punéto interfecantibus ; uf
de circuli arcu, & redta, &. .
- PR o B 26,
85 refle linee ABex-
- . tremitares B ; B, pofitioe
dase fins, vedba AB pofitio- .
ne e magnitudinedasaef.
Pofisione quidensquia
- inter eofdem terminost-
e nica refta duci porett: &
& s.4f4 magnitudine, quia i centro A per B ducatur
circulus ; hujus emnes radii ipfi AB @quanur.

——— .

PROP 27 .

PR L D ' Si- vefle linte

) ‘,.,' o ?’",‘C A Bgoﬁt{mr &

i .ot magnitedine o
£ 0N e dagafuenith
B H e ig extremitas Ai
1 ) A N & altera . esive-
§ ) § mitas B data e,
rit. |

Nap

<




r .  EYUCLI'DIS Data, 367
Nam fi centro A, fpatio AC s — ABsduca- e df 4
tur circulus; cui data re@a ¢ oecurrat in B, d erig :;_;‘;:
extremitas B data, R
. . Schol. - - ‘
' Vides partes pun&i B determinandas effe.
B -PR o P 28, ’ .
: C Si per datum
] bundum A con.
- i 1radatams pofisi-
N i one rellam B C
D — A E agatur vea Ii
#ea DE, aita velta DE pofitione data ef, -
Nam a dic alteram per A ad BC fore paralle-
P - 4 &f.d.
lam. Hec idcirco ad DE & parallela erit. ¢ Quod § .1,
tepugn at. ‘ ' #34.4of.1.
Netd, Vocabulum conitra in hoc libro paralle~
lifmum fignificare. -
Prop 3
4 Siadppfitione dataws
oo rellam AB dammque
,.“E inedpunitum C , aga.
¢ wr rella linea C D, S
: que  facias angulum
i 80 DCB datum ; “afta ye.
#CD BOfitione data evit. -
4 Nam 'quevis alia CE angulum b efficies g df d
majordin, ve] mihorilmbd;\to BCD. by, ax. 1,
TSI schal, .

Jm! 2.

B

r

b . Determinarg
de?_et fitus ap.
guli dag tam
refpe&uperpen-
B dicularis C F, - v
‘quam ipfiusA B, ¥
utcernis jp g
pofita figura,
: Pror




j9‘ - ‘ vy
PRrROEB 30. :
' -8 & dato
;E P,‘nﬁo A is
\‘-

‘0; ‘ ~ d“‘”"oﬁi‘.
‘..;, _ perelamBC
T e, J agdinr relle
X k s A Ds
owes® D

/,:.D‘;""’-.- Ty ©que fuisedr- !
B rerenenset . g"[um ADC ‘

: datuir, dBa livea A D pofirione daa eft.
ashuw.  NathperAduc A E'ad BC parallelam. «Hge
B a{: potitione datur. Item ang, DAE par.dato -

i terno ADC 4 datus eft. ¢ ergo refta 4D pohitio-
nédataeft. Q. E. D, ) ,

Svhol.

*Hinc praxim difcimus 3 dato punéto ducesdl
re@am; que cur data pofitiers refta datum as-
gulum efficits :

PRoOP 3L

A

.3 ;Du ¢
., $i ddatopuntto A in datem pofiese recamdC
data magnitndine vefba A D ducasur,pofivient 0
que datq erit, . ‘
: Nam pun&ta D,per qua tranfit circulus ¢
H ")‘.ﬁfd'd tro oAya fpa.tio 4 Y defcriptus, data {unt, cerge
€164, " AD poﬁuoxie data eft. Q;B. p.

3.4, .
paef

i

— .



" EVCLIDIS Dati. . €5

.1 Lo T
PropPr 32

A E
. 8i in datas pofitione parallelas rettas AB ’ cp
dgarir véta linea AC 5 que faciat angulos darot
.BAC , ACD ,afa refta AC magnitudine dats

of.
Nam ad E (g uodvis pun&um in AB) fac

ang: BEF:aBAC liquet rectas EF, AC ¥ pz- » IHJ.’

rallelas ; & ¢ pares fore “d'quare A C dataeft. :

Q.E. D. ‘ da.lﬁli'
 PRrRop® 33
L€~ F D
: X 4 ..
/ i.,. \ [
A B B

Si in datas pofitione parallelas veitas AB , CD

dgatur magnitudine data n&d A C 3 fmn angulos’
é AC, ACD dd”’ B

Nam ex ‘;‘uovns pun&o E in AB fpatio BF
sa=—AC
€DinF. bLiquet EFy & AC patallelaseffe "}; 2,
pofics ergo ST o

" a f’nor’:-

efcribe circulum occumntcmreﬂz argfd I



390  EYCLIDIE Dam,
.‘\: . . l,, ROPR 34 .
\“‘.‘, ’ A ) A

‘.
. .'

R

s::»dempoﬁﬁpm paraltelgs yebias AB, CD
A -dito | idd agatyT vqﬂz laea ECA, fecabisgr
deta raiione.
: Nam ab E dug reffam EB u;cun} ue P‘“‘ﬂe
;i. 6. . Vs ofcurrentem in D, & B. e liguet effe EC.C
5“ = ED. DB ’ tluarelég dagr, QE D.

;oA

PRor 35-'

87 & dato pun@i B in Fatams pofitione veftam AB
agasurretlq lineg EA, frcemtqm data vatione ; &
. . gaswr auten per. contre dasem
Jofitione re& AB retl'a linaaCD ; alba lines

CD pofitioneddata ep.
Refta gnim E Bdudtaab E ummttle inAB,
‘ar0.6,  #fecetur fix vt ED:BB; EC. CA. gb punttum
bifde. D datum,iem CD pofitione data. QE.D-

2 ’ H &. & h 3‘-‘ e
Si )dan pm&o E in datam piffeiont ek
am Atqm wichs Bnea B “iadﬁrm“"‘“"’”
0. Fhe BO', que o lam{EA bt
R .chesym; per extyemiturens antem C
lmt¢ EC agatur contra dasam pifitio
. reita lines éD, afla linea CD poffriont date o
Demontiratio parum differc a przcedenﬂ

Pidefig.2.

e 1 3 T2



EVCLIDIS Datic 1k
'I’Ro‘ll;' 37, -

. Siin datas pofitione
_CH D parallelas n&ﬂ:/}‘\ B,
j K CD s agatuy refba li-
wed A C, o feseinr
) rationedata ; :;g“"
“autem per [ellionis
A G B un&umpE co£xn da-
“;;'of tione refbas AB CD linea refta EF; ¥ N
vefta EF pofitione datd eft.
Nam duc reftam GH utcpoque occumente- bw%
parallelis, Hacsfefa fit in Kitaut GK. KH

AE. EC. *Pun&um K paraljelz (EF) ﬁtum
determinat.- Q. E. F.

Pr o‘l’. 38.

B !_(_ P Siindatas p :mure-
) &4; parallelas A
Vg;/ !.I.I _ aggtnfre&d !ﬂuq A s
L uujlﬁd"‘f “‘(ﬂl ‘2“‘
: D dom relg CE , 'qué od
A -G' T 4&1»: AL habeat ratio~
: nm datam; per extremisa- :
ters aprem B adjeite C B agatur contra détas pofi= *
tione pavallelas AR, CD reha linea EF § alarella
Linea EF eft detg poffsione.’
Demonﬂrauo Perﬁmﬂ; elt przpedenh Cern¢’
& cemga:a gqras. '

Kae - Fese




39t -~ EVCLIDIS Daa

i PrRoP 74
o C : F
LA B D B

si nungdlz ABC fingula laterd AB;BC, ACme
. guisudine daia fint, trmlgulum ABC jpcm s

A Lk
. 2. Namg fac triang, D EF lpﬁ A B Caquilare
‘l-” ‘ tum HOC eldem [ zqulan lum el‘l(‘. ¢ Cl’go '

. fpecie datum eft
o r. 40.

si mangult A B C finguli anguli> As B;C
gmmdxm dati fint , triangulsm A ABC fpecic dansm

"Nam ad quamvis DE & fac triang DEFipll
ABC = ®quianguluge b Hoc eidem fimile eﬂ!
¢ Prom e trigopum A BC fpecie datum

Q;.E.

Tag
ol
~

1' R OF 45

4 Si syiangalum ABC
umum 4ngulum A daruw
 babeat 5 circd datum éx

tem angh duo
tera AB) AC ad imucmi
' babeant rmdnem datam 3

. triangilum A B C fpeit
datusm eft.

Namin unolatere dati
anguli fume quzmplam
C AD; &efitAB:

& duc DE- bLl
‘,; numADE!fAE‘BC fxmlefof‘
arg ABC fpesie dggum eﬂ Q_E \‘

- paot

LY L d
-
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EVCLIDIS Data. 373
- PROP 42

Si trianguli ABC latera ad invicem habeantve. .
tionem datam , triangulum ABC fpecie datum ef.

Nam afac AB. BC:: DE. EF. «&BC,CA 8 "“‘- k
:: EF.FD.b Liquet trigonum DEP trigono ABC ¢ ;:(.d;l.
aflimilari, ¢ quare ABC fpecie datum eft.
Q. E.D. s :

videfig39.

lP’x,o l'.. Q. \\
- A s D

- . Si trianguli veGanguli ACB circe unum deuto-

yum anguloram A latera AB , AC ad invicem ya-
!?mbmm dutam , triangulum ACB fpecie das

tum-eft, o s .
-* Nam efto DEF_femicirculus uccunque ;- & '

-4 fac AB. AC:: DE. D F.inventamqueDF . .,
b adapta in femicirculo ; & duc EF. ¢ Liquet tri- b 1.4, _ -
ang: D F Eipfi A C B affimilari ; & 4 proinde €33-18
ipfam ACB fpecie dari. Q E.B. - Siite.

RN
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Y

- © . S BRGPR 45

* bergo BALACL:BD.DC. & componet 0
BA = AC. AC:: BC. DC. pemumSo'isi‘“'

cdatam; derit AC data. item ang. LAC "
g )

EVCLIDYS Dith.
Pror 4

.8 triangulum ABRC

" babeat wnusi angulum
/ A datwm 5 dircaslinm

; autem angulom

B <5 E  faters ADBC alimi-
E o babeans ratiomem
datam 5 riangulim
ABC Jpecie datmef:
ol Nam i cturé dat
~  asguli fume quanli-
becAD. &efacAB.
.BC :: AD.DE.ceatro
} ~ DfpatioD E defcribe
circulum;.qui fecet al-
terum dati angulita-
N tus in -B. b Eritye
Sariter - triang. ADE iph ABC
Siless quiare dutud fpecie triap ABC. Q.ED-

a,

i triangulum BAC
_ sk ahgalnm BAC do-
C T tam habedt 3 cives datum
- putent dngnbew BAC 1
" geva foninl stvage T
/g - gaam wnam (BA-+AC)
Yasionem b ? Cad religuum latws (B.C)
darumef, abeant datam ; ﬂfmgulum BAC fpecit
Datam angilym B A C'ebifecet reflaAD:

BA.~+ AC.BC:; AC.DC. ergo ot BA -+ AC
B

T B R duplis



v EVCLIDIS Dum, 395

duplus dati B A C edatur. fergo ang, C datur. §2-4
8§ protade, triganum ABCI fpce.e?i datu%n eft. :4,",‘:.';_

: S Coroll. L
* Hincimesiangulo , datis uno latere AB, uno °
atigulo BAC ; ‘& ratione :lggrc%ati latérum ad
baiim (R ad $;} datur triangulum. Nam da-
tom angulam bifeca & facK.$:: AB. BD. &
centro B (patjoB D duc circulum occurrentem
re&tx bilecanti in D; & preduc BDC. habestri= -+
angulun. . : :

Provr 46

Si triangulum B A Cunum angulum C datym =~
babeat; cirea aliams autem anguium BAC latexaff- = -
mulutraque tanguam unumr (BA+AC) habeant
ad reliquum (B C) rationem.datam ;5 trianguinm
BAC jpeciedatimefls . - ’

Nain bifecto angulo BAC , etit (utin prace-

dentiy AC data. item dng. C adatus eft. ergo akyl

L , S
ang. D AT, bprofnde & duplus B A C datar. p s.der,
¢ quare tiiang. BAC fpecie datur, Q E. D. ~ cqudéon |
©_ Deducesur ab hat covollarium (imilt precedenti.

RO P 4. . o
L o Data [pecie vellilinee =+ .
B - £ ABCDE in deta fpecie . .
' . thangula BAE , CDE .

D ‘BCE dividuntur. .

- Nam obang. B, &,
K BA.%:X berit triang, by, &
: ) f - AR E fpecie da- 242 @
. Simili difodfu frian% CDE @é%': datur, Dets,
¢ quare ang, ‘datus ety Hunedeme ex dp- §3.90¢
to BCD, d efiqtie reliquus BEE datus. Similiter o b-gor
ang CBEdatur, ¢ ergo triang, KGE geiam fpocic '
datum eft. QE. D. o o

W7 TAag . Fres




a6 nczrms Pats.
’ . ‘RPror 4 p
C  Sid eadem rella AB
© deferibantir  trisnguls
ACB, ADB date fpe
cie, habebunt ad invicem
yationem darem.
Duc énim perpendi-
: culares CE, DF. Li-
s .9 quet an ulos trianguli reftanguli CEB.sproinde -
par CE ari. ergo (quu.m ABbdata fir) ¢ et
(T3

B .
R CE data Simili d:fcurﬁ; datur DF, ¢ quaxe CE»
6 d hoc eft mang. ACB datur. Q.1 E D.

P x o p. 49
Siab eaden n&a lines

. N
\ AB duoreflilinea qual:lm :
S ABCD, AEB dui ]Ium
ANE——)! defcribantsr s pabebant o8

. uwmm rationen dasant,
Nam reéilinenm AB-
c CD refolvatur in trian-
aqr.dn. - gula. & hec fpecie data
b"m, f“nf ¢r§o ob communem bafim AC, brauo
- Sl dans ADC ACB & , proinde. totius ABCD
f 8, ACB datucb item ratio AEB ad ACB lp:o
& ABCD_ ad AEB datur. Q. E.

: PROPM so. @
Si due 1t

© 8e lmm AB

A CD e
wicem habe- .

- D ant rmom

datam; & Y

m”ﬁ"’"“  fr wiiergie 4 fined )
lmbeliunt ‘d invicem r;’;'{j,.,,,{"}ff:,;fm S
: Nam

A

JUR |



ol EVCLIDIS Dass. -~ 397
Nam fit AB. CD:: 4 CD. ' G. ¢liquet ABad a11.¢
G *hoceft Xad Y dari. Q.E.B. :.f:‘:&. .
PRo P §I.\ .

N\ Si duae
' relte lines

‘AB,CD
hateant ad

-A : BC

datam ; & abillis velilinea guecanque X,
vdata defcribantur 5 babebuntad invicem rat
_ datam. \

Namefac Z fimileipi Y .Acobb Z ,0 &
X
*. datas; d liquet X dari. Q. E.D.
) X

PROP gz .
. Si d data magnitudie

) red: AB figura X fpec:
: data deferibatur , deferi
pta fignra X magnitudis

- nedataceft. .

A’ ) :B Nam ABq 4 datur :;:u.
fpecie, & magnitudine; &b A}%’l dacur. cergo X Zxdnf. .
datur. o .

. PRrRopP §3.
. . , Si due fignra X, Y
A fpeciedate fuerint 5 dra-
- 7 X - num latus guius BC ad u-
B C sum laius altevius DE ha-~
" buerit rationem datam; ve-

Db L liguaquoque latera ABad
o religua §G habebuns rasio-.
g P nem datam, | .

.

Nam " .



378 EVCLIDIS Daa. Ty
L. 3.4¢’.d, s AB o .
LT BC
- Nam Y DE  dantur.
EF
s FO &c.ergo per 8.dat.
‘PrReOP? $¢4 '
L Z
: X ¢ et
AT B\
Sx due figure X , ¥ ﬁmr date ad invicem be- -
bierint vationem datam , etiam Larera (AB; CD,
-8k.) babebunt adinvicer rationess datam.
. " fNam ad CD «fiat Z iph X imilis.* Hxc fpe-
:;‘,} o fedatureergo ¥ Ydatur Promdqu Y d datam,
cz;.dn.‘ ’ ~X
c8a. flatur X fergn AB datur, ergo pcf pr;eccdenrem
feor 10.6 A
& 2ty l' 2ok _
i /pﬂimx :
/\ magnitadint
. [ ﬂm‘n é i
A D tum fumt,e- i
]urlaxcra( AB
&e. )mg’umdfm dasa evunt.

Nam adquamvis C D « fac ¥ fimile 1Pr X.
--hoc fpecie & mﬂgmtudme datut bergv ¥ da-

e ¢ quare (’:'li) datur. 4 exgo A3 daa ¢
Q,E D, i ‘
P Bok



EVCLIDIS Data, 379
PrRoop 56. o
. 87 dus equians
gula paratlelogram-
‘ymal C,BF pabue- - °
int adinvicem ra-
tionem datam , eff -
By primi “ latus AB
G T «d fetandi latusBE,
. ita veliguum fecun-
di latus BG 4d eam BH , «d qram alserum primi
dasus BC habet rationem datam , quam habet paval-
lelogrammsm AC ad paralielogrammum BF.
Nam duc HK parall. AB. Liquet ¢le BC. 46
BH 4 AC.AH #:: AC.BF. Q_E.D.

"‘BROP. 5'7.‘,’4 ;
- . Si datum fpatiamAC
‘D. ¥ C  addatam reftan A B

applicatum fuerit 5 in
‘angulo BAD datd, da- .
tur applicationis, ali:~. y

A B tudo AD.

] ; s Erige rerpeadi- st
cularem AE. eftque AB. AB 61 ABj. ABx b 6.

AE c:: ABq.pgr. AC. gergo AE datur.. quare 38

per E duc pacallelam DC, ¢ hac abfcindet quec. 42, )
fitam AD. Q. E.F. v A;,:.a' .8

B . PrRop. ;8.

Si datum ad dasdin reGam applicesuy 5 deficiens -
- dara fpecie figura; lasisndines defefbus data fans.

Non diftert 4 vigefima oftava fexce.

PROP 39

- 8i datum ad datam veSlam applicetur 5 excedens
data [pecie figura, latitudines exceffus data fusr.
Radem eft cym vigeimanona fexte.

Prop




ap0  BVCLIDIS Dam,
"\ S F'ROP. 34

E L. -
\“"\;D‘ D C

c\ N ‘
. . Y, *, E%Q_
- AN

- 8iin dataspofitigme purallelis veslas KB, CD
A dito puuBo R agaryr vefis linea ECA, fecabing
_ Bata vatione. A 4
: . Nam ab E dug reffam E B upcunque paralie’
ai. 6 ks o?"mrrgqgm inD,&B. 'g}icjugt e&: EC.CA
$ED. DB. b quare l;E_: dagr. Q.ED.

Provr 35

. i & dato punto B in datas pofivione yeflam AB
agaturretlq lineg EA, [ecernrgne duate vatione 5 &
.. gatuy auter per’ puntitum fellonis C cantre daten
Poffrioneveltam A'B refta linaa C D 5 affa linet
CD poftioneidasa efb. o .
Redta ¢nim E B duQa ab E utcunque in A B>
at0.6 s fecetur figurED-PB: EC. CA.Q punétum
bidde. D datum,erit CD pofitione data- QE-D
A .',:.'B- | W 3‘,'.: i .
Si ddato punBo E in datam poffcione selan -
wtam AR agdiny wilki lviea B 3 adficiuturarten
SR < iskiion o wﬁqma'qnd'd{m{EA)ﬁ{W
2T hiiowedi dargim; Per extyemisarewy wutem C
linee EC agatur contra datam pofftio
. reffa lines CD; afla lines CD pofivione date o

_Demonftratio parum differe 3 praecedest
Fidefig.>. pamm war

A

IR | L n e PROF




EVCLIDIS Datk
PR o_'f 37.

- - Siin datas p/‘mm
CH D parallelas reflas AB »

CD, agaur relta li-
E/ K F oaca ég > o fesetuy
] g yatione data ; agatay
astem  per felionis
A G B un&nmPE co{;u'd da-
#¢5 pofitione sefbgs AB CD linearetta !‘.F e
vefta EF pofftione dara eff.
Nam duc reftam GH utcgnque occumntem b
parallelis, Haca fe@a fit in Kitaut GK.KH
AE. EC. } Pun&um K paraﬂdz (EF) ﬁ'mm
determinat. Q. E. ¥

'-1

P x o‘P. 38.

B KPF i in datas pofftione pe-
) T 845 pavalllar A8, CD
£ / LH  againrreda lineg ‘ACs
adjiciatur amm “zw-
D dam velt¢ CE
A G o1 4&1»: AE Imlmt yatio-
? ncm datam; per extremisa-
tem aptem Epdie&c C E agatur contra dieas pofi«
tione parallelas AB, CD refa linta EFs aleretha
linea EF eft detg poffsione..
Demonfratio perfimilie eft pmﬁcden‘q Cerhé'
& comyaxa ﬁgmas.

Kad 2esa

xﬁﬁ::.é .
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11X
ik
-€3.def d

®

et .
J« . . Namgfac triang. D.EF
 fpécie datum eft Q.E

ABC = ui_gygulqu‘. » Hoc ei

PRoP 74

A B0 E

 Siinlingali ABC fingila aters AB;BC,AC -
gnitudine data fiut » trianghlum ABC fpeciedains

pfi A BCzqulxe
tum erit.'c efgo -

L PRrROP 40 ’
S tr"mngnli AB C finguli anguli> Bs B,Cmé
gritudine dati fint » tyiangulum ABC fpecie datum
triang PEFipfl
; dem fimile et
ABC fpecie datum efts

ram.Hoc eidem & 2quian

Nam ad quamvis DE ¢ fac

¢ proinde trigopum
AER N
.P'l.'o'l‘.nﬂ. .
. i triangulum ABC
‘wnum angulum A datum
babeat 3 cirea datum 4v-
tem angulw 9 la-
_ tera AB> AC ad Invice
- bab‘mcut’ rasionem éd?i"' 3
. triangudnm A B C [peeit
) 114”51 e
‘Namin uno Jatere datt
angyli fume quampia®
C AD;&sfith c:
AD.AE.& duc DE.bLE

?:‘:a::iﬁo num ADE ipfi ABC ﬁnii)le fore.

'ABC fposie datum e, Q.E-¥*
- prob
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/

afac AB. AC::DE. DF. inventamque D F

EVCLIDIS Data. 373
- PROP 420 B
Si triauguli ABC latera ad invicem babeantva. .

tionens datams , triangulum ABC fpecie datum efs.
Nam afac AB. BC:: DE. EF. ¢ &BC.CA su16

# EF.FDJ Liquet rigonum DEE wigono ABC ¢ $4r0

aflimilari. ¢ quare
QED.: =

videfig:39.

B C fpecic datum eft.

v .P'Ror.'qg._ |
S A e D

.. 8 grianghli redtanguli ACB circe unum acuto-

vim angulorum A latera AB , AC ad invicem ra-

tionem babeant dutam , triangubium ACB fpecie da-

sumeft, S 2 .
Nam efto DE F femicirculus utcunque ;- &

# adapta in femicirculo 5 & duc EF. ¢ Liquet tri- b 1.y,

ang: D EEipfi A C B affimilari ; & d proinde ¢ %+ -
ipfum ACB fpecic dari. Q. E.B.  *.

" dpdefd.

a1z 4"




394 EVCLIDYS Dith,
. P t‘ Q.y; A4

e B

?

8 triangulum ABC

“ bisheat unuss angulsm

; ‘E autem anguiwm

Latera AB,BC adivi-
E m babeant yatimem
datam 3 triangulum
ABC fpecie dusnm .
Nam in ciuré dat
C/a.guli fume quamli-
bet AD. &efacAB.
BC :: AD.DE.centro
~ D fpatioD E defcribe
circulum,.qui fecetal
terum dat angulila-
_ NG U in B &k F]_ritqué

by.6. o triang. ADE ipfi AB
3.0 m quat? dutur fpecie ttiangg.'ABc.' QED.

BT & or PP
Si triangulum BAE
o dnub angalim BA da-
' tish habedt 5 viveh 44N
. pirenl dngnlum BAC i#-
" gtva fininl mtragee 1
T . gquain sim (BA<+AC)
Yasionem b ? Cad reliquum latns (BC)
datume ,ﬂ-d eant datam ; "_mngulum BAC fpecit
ep:s.  Dawm angilum B A Ciebifecet el AD:
Pg;-;‘,- ' ’;gArgo BA.ACs:BD.DC. & componesdd
BA+ ﬁc. AC3::BC.DC. p,crmutando'igitur
A~ AC.BC.:: AC. DC. ergo o BA -+ AC

BC

[ 3.7 . i
$add, Fd_at‘am; derit AC data. item ang. L :C fube
- duphs

A dutwm 3 sivcaalivm

- - . RRUR—-



¥~ EVCLIDIS Dims. 35

duplus dati B A € edatur. ferfo ang, C datur. 434
8 proinde trigonuni ABC} (peﬁ, datugm eft. :‘,'.;,‘J.';.

. N Coroll. o
* Hineintriangulo , datis uno latere AB, uno ¢
aigulo BAC ;3 & ratione Aggre%ati tatéram ad
baiim (R ad §;) datur triangulum. Nam da~
tom angulum. bifeca, & facR.$:: AB, BD. &
centro B fpatioB D duc circulum gceurrentem
fefta bifecamiin D; & produc BDL. habestri- - 4.
angulum. . . BRI

<

Pror 46

Si triangulem B A Cunum angulum C datym.
babeat; cirea aliam autem angulum BAC lareya - 5 272
mulatrague tanguam unwm (BA+AC) habeant
adveliguum (B C) rationem datam ; triangnlum
BAC fpeciedatumefls’ - ‘

Nain biféco angulo BAC , etit (utin praece-
denti) AC data. item ang. C #datus eft. ergo aky!

PG . ' , C

ang. DA C, bprofade & duplus B A C datar, p 1.de.

¢ quare triang. BAC fpecie datur, Q _E. D, - c4mém. !
* Deducetur ab hat covoblarium fimilk precedenti.

PR OPR 47 . o
v ¢ Datd fpecie vellifime o
B . £ ABCDE in deta fpecie |,
. thangula BAE , CDE *

D BCE dividumsur. '

Nam ob ang. B, &

BA adat, b ertt triang.

C - - - &x_BAE fpacie da- 4¥5 %
tum. Similidifcdtfu rianp, CDE fpecte datur. byi.der,
¢ quare ang, datus eft ) Hunedeme ex do- §295¢
to ng, ddl tie reliquus B'Cl;datus. Similiter ¢ 40.der.

. ang.CBE datur, eergo triang, BGE guiam fpacic

| datgume(}. Q.E. D% _ g L # fp ,

! B JAa g . -PROX




, mé. ' .BFCLIDIS Patde.
‘PROP 4. ?
CcC & ab-eadens yea AB
* deferibantsir  triapguls
ACB, ADB date Jpe-
B cie, habebunt ad invicem
vationem duam.
\ Duc énim perpendi-
. pim , 4 . . culares CE, DF. Li-
s g0 quet an ulgsmanguh :e&:nguli’CEB.:proinide :
CE dari. ergo (quum A_?'data fit) ¢ edt
CE
DE

; é . o 6B
Aa.  CE data.Simili difcurfy datur DF; ¢ quare
e A ol
-t fiho,c eft triang. ACB dawar. Q E.D.
SRR S

PropP 49 ,
" Siab eadem ta- lines

AP
, . AB due reflilines quelibes
ABCD, AEB duta fpecit
A 1 defcribantsr s pabebunt 4d

" jmvicems raionem dasar
: . 7 Nam re@ilineum AB-
D —'¢e CD refolvatur in triane
agrde.  fant L gula. ehec fpecie data
b A‘;‘ ergo ob_communem bafim AC, bratio
48, YA )C ad ACB & » proinde. totius ABCD ad
cat CB datucb item ratio AEB ad ACB.4prol
" &ANCDadAES datar. Q. E<D.
' ' P'ROP $O
C L Sidue
Felinee AB

CD ¢
‘ e B - wicgm hd‘l‘ .
L‘ oo 2 GC; S Dabtraﬁql?}
- S S  daram; @
llis fimllia , fmiliterquie deferipta vefbilinté 5y

fmbdinm 44 nwum rasionem datans.



v "EVCLIDIS Data,

37

Nam fit AB. CD::sCD.'G. thuetABad 11,6 7
G.*hoceft Xad Y dari. QE.B. “:‘:“
PrRor _fr.

LA\ /)\ e
A

‘AB,CD
babcant ad

datam ; & abillis rectilinea quecungue X,

vdata defcribantur 3 habebunt ad invicem vat
- datam.

Nam s fac Z fimileipfi Y .Acobé Z &
*. datas, d liquet If_ dari. Q. E.D.

P ROP 2.
Siddata mdgmmdne

. res AB figsra X fpecz
' daradeferibatur , defori
pea fignra X magnitudi-
: - ‘ne data eft,
A, ‘ B Nam ABq s datur . :!-
fpecie’ & magnitudin.e,' b ABq datur. cergo X b}:‘
. X
datur. o
PRrROP. $3.
. , Si due figura X, Y
A j}uudnufugmut ; o
" X - num latus unius BC ad u-
B C wum latus altevius DE ha-
B buerit ravionem datam; ye-

D 1D ligua quoque latera AB ad
o reliqua §G habebunt rasio-.
: nem ddmm. . A

Nam




178 EVCLIDIS Dt~ ™y
' 8 gdfd, s AB EU |
by, é-(': .
«DE  dantur,
EF
s FO &c.ergo per 8.dat.

~ Nam

‘PROP 4

z
: 'X ¢ i}
AT B\

{Sl due figureX , Y f}"mt date ad invicem ba. -
bierint rationem datam » etiam latera (AB, €D,
- 8,) habebuns adinvicem resionem datam.

‘Nam ad CD #fiar Z ipli X imilis.* Hec [pe-

:;%,,L? o fedatureergo ¥ Y datar. Promdgqb Y d dataa,
€ 49.das.. ~X
. atur X fexgo AB datur. ergo pn przcedenle'n

z (5 (
Procr ;

S C s paimX
,mge:ud;ae

o [pmé da
A_ ) sum fuerit 5 ¢-
L mlatmt(AB

&, )magmmc’fm desseruns, -
26 Namadquamvis G D « fac Y fimile xPr X
bige, ’lloc fpecie & mﬂgﬁltudme datur f’efgo ¥ ds-

€ §g.dag,
da.(n X

'mf ¢ quare CD d-sur 4 ergo AS da:a ‘e

Q.E o, i
pgor



2 EVELIDLIS Data] - 379

PR o‘p. 56. o
D € N lSiP dmzle?quidn-
e —— gltd arallélogyam-
R “AE B SnatC,BE habue- -
v . wam— int adinvicem ra-
.& B :  tignem datam . eft -
Uy primi ~ latus AB
G T ad feeandi latnsBE,

: ita veliquum fecun-
di lstus BG ad vam BH , ad qram alsersm primi
datus BC habet rationem datam , guam habet paval-
lidogrammeunm AC ad parvalielogrammum BF .

Nam duc HK parall. AB. Ligquer efle BC. 20 6.
BH s AC.AH #:; AC.BF. Q. E.D. ';; 6‘.

‘P ROP §7

- L Si dasum fparinmAC

D. ¥ - dddatam veftan A B

aapplicatum fueriz 5 in
angulo BAD datd, da- .
tur applicationis ali'~. ‘

A _B tudo AD.

. E s Erige rerpendi- anw,
cularem AE. eftque AB. AE b:: ABL ABX ?:;;6: .
AE c:: ABq.pgr. AC. gergo AE datur.. quare ¢’y ¢ 1.

per E duc parallelam DC, ¢ hzc abfcindet qua- % -
fitam AD. Q. E.F. . ’ ;':‘8. & 1§
PR oep. 38

83 datum ad datdm veBiam applicetur 5 deficiens -
- data [pecie figura; latisudines defectus dasa fant.
Non differt i vigefima oQava fexte. . ,

PRropPr 39
- 8i datum ad datam yekam applicetnr > excedens
data [pecie fignra, latitudines excveffos dasa funt.
Eadem eft cum vigefima nona fcx;e,
Rop

o e e e e




%o EVCLIDIS Dats. T
P RO P 6o . !
A 5 Sidaum fpecieps-
' B rallelogrammum (H
E,vel DB) datagns- ..
1 worie HCE augeaturs
vel minuatnr ,"latim-
€ dines gnomonn HDs

. EB datefumt.
:L.‘Z 1. Ayp. Liquet totum DB tam amagnitudl- )
o DO quamb fpecie dari, ¢ proinde & latirudines

‘::n-“ AB,ADj ¢ quibus aufer 'J datas AE, AHs
> emanent EB, HD date. Q. E.D. :

2. Hyp. Liquet HE b fpecie;.& 4 magn: ¢ da!?,
¢ quare & Jatera AE,AH; hzc deme ex 4 datis
AB, AD : e remanent EB,HD datz- Q.ED

. 6L,

Si ad date fpecie f*
ye ABCD umim batss
AB applicesnr parallelo-

ammum fpativm ¥
3 inangulo‘BAEdm; ba-

. beat autems daté fighrs
> . AC «d parallclogram:
G E. LI mum AF pasionem &

sini; parallelogrammum AF fpecie datum eff
Ad 'DAG protratam duc (perB )'Pi“’“"
| ) fam, cui occusrant E F H, & DK parall. AB.
S5l AcobAD, & ang. BAD « dat. s liquet pg™

. AB .
W% AK fpecigdari. bergo AK & cproinde AK>
4 dec. ' Y R AF
£ 40. der, dvel é—E’ shocelt AD dantur. e ergo AB da-
b3 def.d. AH A...a n ) KE
tur. Item ob angulos E, & GAE fnoto$) gd
tur AE; ¢ ergo AB datus #unde pgr AF i

. .AC AE IR
ciedawr: QE.D.

pPRof




» EVCLIDIS Data. 381
Propr 6a.

-

~ Si due re-

: A X B N & AB, CD
= - ad  iwvicems

o ; J" \ habeant ratio=

nem datam ;

o ab unda quidens data fpecie figura X deferipta fit,
ab alrera antem Lljmium parallelogrammum Y in
angulodatd 5 habeat sutem fignra X ad parallelo-
grammum Y rationems datam 5 parallelogrammum
Y fpecie dutum eft, :
Nam ad AB ficpgr. Z fimile ipfi Y. s Hujus ,
ratioad Y,& 5 proigdc ad X datur. ¢ ejufque aii- S
li dantur. dergo Z fpecie datur. ¢ proinde & £be
. Q. E.D. ' ¢y dof d.
PRrRobP 6.
Si h‘iugulum Jpecie datum ﬁ't,qu‘od ab anogungs
laserum deferibirur quedratum,ad triangulum lmbe: ’

bit rationem datam.
Sequitur ex 49. hujus:

- Propr 6
Si tyiangatum ABC aii-
gulum obsufion AB C de:
£ tum babeat 3illud fpatjum 5
’ quo latus AC obtufum an-
gulusm fubtendens magis po-
. 3 tefquamlarera AB, CB
C D D obewfum angulum ABC
ambientia s ad trianguvlum
A B C habebit tationem datam. :
* Nimdemittatur AD perpcndlcuiaris produ=
&z CBD. atque ob angulos s ABD, & D da- a4 der.,
. tos, b darur BD, choceft BD XCB. 4 ergo ban ek
i AD TADXGCH 48, dei.}
’ : 2 BD




382

e,
feut, o

" 840 det.
)

c 4t 1.
a8 das.

. ‘r,vcumiv Data.
28D x CB, hoceft, ¢ ACq —ABq ~CBq da-

%;E;C'i‘ ‘ferang. A BC
tur. Q.E.D. :
PROFP 65
A Si siianguluin ACH

éogulum acutiw € dar
usy habeat ; Hind Jpae
siuw, guo ats AB -
giilum, ,Cﬂ ﬂtbt“dz’
g mins poiefl, ghm -
’B- D c teve Aé,c qu;gulum
. : atutum . C awbientias
babbit ad rviangulum A C B ravionemdate®.
Nar du¢ perpepdicularem AD. Datur s CD>
. . AD

shoc el €D ¥ FC. ¢ ergo 2 CD xBC, hot

o ot g et

ADXBC - 4 ADxBC
‘et 4 ACq—+BCq— ABg datr. QE-D-
¢ triang. A CB '
‘ P Rop €.
Si trigngulum ACB babucrig angulint C dasums
girod fub #c3is AC, C B datuep anguhum C com-..
prebendentibus, continetut retbangnlam, babebis ad
trigngulem ACB rationem datgm,
“Naw in figura pracedentis, efts ACs b hoc
: _ AD .
eh Cx BC,shoc et ACxBC dsra.  detgo
TADXBC Firiang.ACB
At < BC datur. Q. EvD. '
fiang. ;\:E .

P ok




¥ LVCLIDIS D,

, EVCLIDIS Data. 333
. Prowm &
B
"“
_..ﬂ""‘ ! A.

vy
E ~wuu-~~..,_“-:___. '.'... D
Ca

. Si triangulum ABG. babueric detums enguluze
BAG; iliud fpatiumyqno duo dasum engulum BAG
comprebendentia latera sanquam una reta B A -+ :

" AG, phus prffunt, quam guadratum & reliquo lateve

- BGy ad trianguiuns ABG babebis rationews datem.,

Produc B Aitaut AD== AG. perBduc BE
parall./AG; ‘cui occutrat DGE. denique duc
normalem B C. . . . .

Liquer ang, Daz—AGD ¢=E. cquare BE= a¢. 4.
BD, ideoque EC == CD. eergo EG xGD ~ 239, *

. €Gg=CDq. proinde BDq f(CDq ~+BCq)decor. s 5
¢=EG xGD+CGq—+ BCq=EGXGD * 4 ¢5*,
BG. lamobangslos AGD , & D & fubduplos giex. s
dati BAG, liquetk A D, ideog; ADqdari. Cum }47 &

Lo ) PG DGy Yy
léxtur BA xAD. ADq /::BA.AD #:: EG.Le6.

. GD g GxGD.GDg,& permurando BAxAD. :‘,’,',;.f d
EGxGD :: ADJ. GDgq; " crit l?_A_J'tég ; » hoc neonfir.
. ’ EGxGD "
it BAXAG dara. 7 Arqui BAxAG datur; 1 er- ?igf g

£G1GD ' ;l.i-a;g‘: :A.‘Gi N

g0 EG XGD datur. Q E.D. :

-



41,).

EVCLIDIS Dats.
PrROP 68

D c v "’:,"Si‘ duo perallele

' - giamma equiangi-
!E::\» H g lAC,BFh
, ‘ beant ad invicem

A B vationem  datém >
, o unum lams AB
ad anum lasus BE

. @ F habeat rationemda- -
sam 5 o veliquum larns BC ad veliqu latss

babebit rationem datam.

Nam fit AB.BE:: BG. BH. .4 ergo 3_9 & ;
. B BH

 tur. bitem BC datur: cergo BC datur:
BH . B8

PRotr 69

G kT H

$i duo parallelogramma AC > BF datos angules
Babeant, & ad invicem rationen datam; habeat 44
teni ¢ umum latus AB ad unum latus BE rationet
datans ; & veliquum latus B Cad peliquwm HiHs
BG habebit rationem datdm. .
\ Latera AB, BB jaceant in direftum, prodic
C BK,ac GF H ad occutfum cum EH

CK.
Ob ¢ ang. KBE (ABC) & por. ¢ AE
BF

el

AC




" EVCLIDIS Dus. - 385
AC&.Andms, ¢ liquet K'Bdati item ob B af. 1.

8H ”
ang. G & GBK‘ datos, e d:xtur KB.fquire BC 42' »

“ ’ aef lﬂ

'

“PROP 70.

Si duorum ;ardlelagnmmmu (AC ; BH , vel
BF) circa aquales mKqus {ABC ,KBE) axt circs -
inequales quidem (ABC ; GBE) datos tamen , la-
terg (AB, BE, & BC, BK . 8 BC ,BG) adin-
picem bnbmn rationem datam ; o ipfa [uullelo-
gremma (AC, BH, & AC ,BF) habebunt adine
wm rationem damu

' Nam (in fig.praced.) Gt AB, BE :: KB.BL. &
duc LM paraﬁ
. Primo, QmuAB'ldea KBazc KB date ;bf |

; <9,
funty ¢ eric CB, ﬂmc eft AC e vei per. Ac data, du6
8L AD . ' .5_”“‘:

QE.
. Seamdo, Ob angulos G ; & GBK £ datos ,l;:"':
£ datur BKsnemb CB data eﬂ. & e1go ¢ CB da-

ie
tur. proinde; ut pnus AC hoc eft P Ad da-
tur. QE D. .

by . Baer
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270.4er,
Becs

€3¢0

<3gt.
’ EEF! orume { fubdupla
LSRN Y% P‘.

EVW

-8 dumcm man u ~ s DE}‘ , gitee &
quulu mgulor,m ur\ mtq,udes qmﬁm g(os M

men (‘ & U?lfnm
i babemf rammm damm, & 3]‘4 !mn

ABC"D'ﬁ “babc‘iuma jovicen ra on;m
antur pgra- AG, D zc 3

1 com 1
tam @!{!e cat rg'honenﬁ iolade g( t,ug‘ong‘ABC) :
5 i‘

N

A&C i § o

%ﬁu e e data, j ¢ b amgt

lz: ad bafes (AG, qu facmq( d'tx 4Gh
ey J}

ipfe

DHF equales, ant mcqua[c: quidem, [ed 1¢
to5, habeant ad invicem yationem davem 5 & 5
_triangule ABC > DEF bzbebum od invicem 14
wem datam.

Nam .duc BKadA G, MadDHP
rallelas > & comple pgra &K, EM. Bacfh
'bent]uxtz 70. hujus 3 quare e triangula dataw

o

&?@nﬁla ABC, QEF rationem habent d&t7
peot




! Mae  N¥ .,
Si duorum ;ﬂdklogmdﬂnﬂ'alh (AC s BF, mf
AC , BN)circagguales angulos 5 ant circa ine=
quale: quidem 5 JeR tamen datos 5 latera adinvicom
#ta fe habeant, ut fir guemddmodum pnf} latus AB
ad feckndi laius B B, ita reliqusp Jecundi latus
(BG/0el BM) ad aliass aliqwium rectam (BH, vel
*BI;) babat ausem &~ vélquuns primi achi BC ad’
eandem yellam (BH vel BI) rativiem datam 5 ©*
ipfa parallelegrumma (AC, BF svel AC,BN) ha-
bebunt ad inticem vationem datam.
" Nam 1. Hyp liguet i:CB #id eﬁﬁc dae
« 'Hv . .-h‘m :%J.
B e Do parildsss T, s Kiguesn o
2 Hyp. Dat -y a; :
gulos 1B H(GDM) & BHE(ABHY dudl, 12747
b exgo BH datur. mca s doiaefl. o prmndg "ﬁ‘_

g2 i de

CB,'mc eft pgr. ACd vel AC datuss ,Q} b,

: ® . ER.T
: PR oOP. 74

i duo ,krdlleloyzmmn datane rm'oﬁal@ eants’
art in aqrabébrs ngulis (uz AC ¥ it ine-
gualibns quidem ;- fed ramen darpfTut AC; BN ;)
exid ut prim¥ iatus AB ad fecunfs latns : , taal-.
feriin feonnds lathy (BG s BM)ad ea: (BTgL'wl” ‘
B1) ml:{»dm rmﬁtum i batus. B-G.ratibBr

haber da T
” Bb » Nai'




388 . E¥YCLIDIS Dats.

. cs.tu. Nam in 6 rzcedent . H Liquet
CB dari. Qg pracedentis. 1¢ Hyp. o 23
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