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PRAEFATIO.

Praeter codices solitos PBF Vb, quos ipse contuli,

nisi quod cod. Bodl. B ab initio usque ad finem
* definitionum alt. p. 136, 19 beneuolenter conferendum
‘suscepit G. A. Stewart, u. d. Oxoniensis, in hoc

. libro X uti mihi licuit palimpsesto cod. Musei Britannici
Add. 17211 (L), de quo cfr. wol. IV p. VI; continet

X prop.
X prop.

15°p. 44, 12 perenoesr ad finem prop.
16 p. 46, 2 (uéye)dog — p. 46, 8 O
p- 46, 17 (ue)rosi ad finem prop.

X, 16 lemma p. 46, 23 -uov éAdsimev ad finem.

X prop.
- X prop.
X prop.
X prop.
X prop.
X prop.
X prop.

31 p. 92, 19 (ué)oexr ad finem prop.
32 totam.

32 lemma ab initio ad p. 96, 20 8ie.
80 p. 240, 9 dvvardv ad finem prop.
81 ab initio ad p. 244, 10 ¥mo.

112 p. 358, 19 B4 ad finem prop.
113 ab initio ad p. 362, 19 otrag.

In appendicem hic, ut semper, ea sola recepi, quae
in uno saltem meorum codicum in textu legebantur;
quare in mea editione quaedam eorum, quae Augustus

. m app. V habet, frustra quaeras; sunt enim scholia
marginalia, quae in uol. V suo ordine edentur. Pro-
legomena critica quominus uel huic uel quarto nolumini



V1 PRAEFATIO.

praemitterem, sicuti constitueram, prohibuit ratio scho-
liorum, quae quinto uolumine comprehendentur. nam
cum inde non pauca subsidia ad codices aestimandos
peti posse uiderem, statni iis demum editis ad pro-
legomena illa adcedere.

Serib. Hauniae mense Nouembri MDCCCLXXXY.
I. L. Heiberg.




2TOIXEIA.

Euclides, edd. Heiherg et Menge. III
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o. Slppetoa peyédn Aéyerar va 16 avrd uéroe
petgovpsva, advppetoa 0€, ov undlv évdéystar
%00V uérgov pevésdat.

f. Evdsion dvvaper 6vpuerool slaw, dtav ta an’
avTAY TETQUYOVE TG aUTE J0ele WETehTaL, GOV W-
pergor 0€, otav tois ax adrov TeTpuywvolg undiv
o mrar yoolov xowov uérgov pevéadar.

y'. Tovrov Umoxeiuévov dslxvvrar, 8te Tf] mooTe-
Delay e0Bely Vmdgyovely evdsiar widel Emeigor oVu-
pergol T& xal davpuergor af piv pixer povov, of O}
xal Ovvdpsl. xnedeledo ovv 7 ulv moovedeice svdsix
énrn, xel af Tavry evppsrgor &lve pixs xal Svvapee
slre dvvaper plvov ¢gnral, af 0% ravey devpusrgor
%Aoyor nedsiodwaay.

&', Kal ©o pdv dmd vijg mpotedelong svdelag verod-
yovoy ¢ntdv, xel ve tovre cvupctee ¢nra, Ta O
TovTe dovppetpe EAoya xudelobw, xal af dvvdusvor

Ad deff. cfr. Hero deff. 128—129, Anonymus Hultschii p. 256,
Martianus Capella VI, 718.

Eduleldov ororyeiov ¢ PV, Edulsldov eroyeiov ijs Héwvog
#xdb0cwg © F, Evndeldov oroigelwv v tiig Séwvos énddceag b.
1. dpot] om. PFV, Goor 705 ¢ b, 6006 rod ¢ B. numeros om.
codd. 5. Ante cvpperpoc ras. 1 litt P. 8. #ydéyeTon bo.
9. moooze®zion b et e corr. F.  10. Post ed9sl¢ add. Theon:
zovtéoniy dg 1g Féoer Ta pérgex 10 T mwnyveiov xal 7O Ta-
lewsriaiov xal 1o Sanrvliaiov 7 to mwodiaiov lapfdveror (BF VD).



Liber X.

Definitiones.

1. Magnitudines commensurabiles uocantur, quas
eadem mensura metiri licet, incommensurabiles autem,
quarum communis mensura inueniri nequit.

2. Rectae potentia commensurabiles sunt, ubi qua-
drata earum eadem mensura metiri licet, incommensura-
biles autem, ubi nullum spatium communis quadra-
torum earum mensura inueniri potest.

3. His suppositis demonstratur, rectas numero in-
finitas esse datae rectae commensurabiles et incommen-
surabiles partim longitudine tantum, partim potentia
quoque. iam data recta rationalis uocetur, et quae ei
commensurabiles sunt siue longitudine potemtiaque
sine potentia tantum, rationales, quae autem ei in-
commensurabiles sunt, irrationales uocentur.

4. Et quadratum datae rectae rationale uocetur,
et quae el commensurabilia sunt, rationalia, quae autem
el incommensurabilia sunt, irrationalia, et rectae, quae

nwhife] om. F. miytsrqo[ 7¢ xal] supra scr. m. rec. P. 11,
wovoy, af &¢] om. Theon (BFVDh).  12. Post dvwduse add.
Theon: af 0t Svvdus: pover (BFVD). meooredeica b et e-
corr, F, 14, odppereor b, corr. m. rec.; deinde add. Theon:
%eTe 70 cvvappotigov (6uw- om. b), rovriorw (xal del. F) urjusee
-nal dvvdpsr (BFVD); idem P mg m. 1 pro scholio. 16.
moocredelons b et e corr. F. 17, §nrd] om. F.  18. Ante
&loye add. neara 1o cvvepgdrsooy F; idem P mg. m. 1 pro
scholio, xalele@wooy Theon (BF VD).
1*






ELEMENTORUM LIBER X. b

adratae 1iis aequales sunt, irrationales uocentur, in
adratis ipea latera, in ceteris figuris rectilineis eae,
quibus quadrata illis aequalia construi possunt.

L

Propositis duabus magnitudinibus inaequalibus si
maiore plus quam dimidium subtrahitur et a re-
iqua plus quam dimidium, et hoc semper fit, magni-
udo relinquetur, quae minor erit proposita magni-
udine minore, )
Sint duae magnitudines inaequales 4B, I', quarum
aior sit 4B. dico, si ab 4B plus quam dimidium
ubtrahatur et ab reliqua plus quam dimidium, et hoe
emper fiat, magnitudinem relictam iri, quae minor
it magnitudine I
Nam I’ multiplicata aliquando magnitudine 4B
aior erit [cfr. V def. 4]. multiplicetur et 4 E magni.
dinis I' multiplex sit, eadem autem > 4B, et J4E
partes magnitudini I" aequales 4Z, ZH, HE diui-
datur, et ab 4B plus quam
1B ——1  dimidium subtrahatur B@®, ab
Z H A® autem plus quam dimi-

4 “ l ' dium @K, et hoc semper fiat,
onec in AB totidem diuisiones fiant, quot in JE.

X o

flattor F.  rod]om, V? Zynsipévovd. EldrrovocF. 12,
noreb. 13. el — jjpiov] om. P.  xel] (prius) xeldmo V. 14,
(et B ylyvezow V, yoomgen b, Angfroczon V. domr V.
fdattov F. 16, yao] dpae F.  AB peyédovg Theon (BFVh).
19. &l¢] m. rec. B. awd] om. V. 21. ywécbw P. 28.
aig] corr. ex ter m. rec. b.” 24, odv] om. b.  Siigéais P,
ed corr. 25. HZ F.  domww F.  26. 7zov] (alt.) post ins.
-1 P 21 gplocog b, Aploovs V. 6] corr. ex tod F.
7 16 fjuiev] rov fHplsewg F, tob fulszog BVb.
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4 ETOIXEIQN (.

avta GAopor, & utv tevpdyove &, avral af mievoal,
&l 0t Frepd Twa e0Vygappe, af IGa avrois Terpdyovea
dvaypdpovoat.

’

o,

AVo peyedov avicov éxxcaipévorv, éav dxd
100 pelfovog dpaigsdf petfov 4 10 fuiav xel
101 xaradsiwoudvov psifov 4 T0 fuiov, xel
TovTo del yplyvyrar, Aeipdioeral T uéysdog,
0 édrar §ladcov Tov éuxsipévov éAddGovog -
yédovs.

"Eoro 6vo ueyédn dvise to AB, T, v psifov o AB:
Aéyw, Ori, dav amd oD A B dpaieedi] pstfov 1 1o Huiov
xal TOU xavadsimopdvov pelfov 1 TO Twiov, xal Tovro
ael plyvyrar, agpdioeral T péysdog, 0 Eorar éAagoov
tov I' peyédovg.

To ' yao morhemwAeocietusvov é6tar motd tov 4B
petbov. memoddamadoiaedm, kel éotw 10 AE tov uiv '
mwolierwa o, vot 0t A B uetfov, xal diyerjodw 160 4 E
&lg & v¢ I' loo va 4Z, ZH, HE, xal appeiode amd
utv 100 AB peifov 1 70 fjuiov 16 BO, dwd 0t 100 4@
peitov 7 70 futov 16 @K, xal tovro a&l yyvicdm,
Ewg dv of év 1 AB Swugéosg (oomindeis pévovro
taig év 19 AE duugéocoi.

"Eeracay ovv of AK, KO, ®B diugéocg iGomiy-
Beig ovoaw talg AZ, ZH, HE" xal énel peitdv dore ©o
AE ot AB, xol apijoyrar awo ptv tov AE Eacdov
0¥ fuloewg vo EH, dnd 0} 1ot A B peifov 7 0 fuiev

1. &loya V, corr. m. 2. Deinde add. xale/68woay Theon
(BFVbL). 2 ioaw . 5. xneuévoy] ante avicov add. B

mg. m. 1, 8. ael] elel F, del &v V?  ylvnzen V (1 o corr.),
plyveron b, Angpdijoerar Vb, 9. 4oty Theon (BF Vb).



ELEMENTORUM LIBER X. H

quadratae iis aequales sunt, irrationales uocentur, in
quadratis ipsa latera, in ceteris figuris rectilineis eae,
ex quibus quadrata illis aequalia construi possunt.

L

Propositis duabus magnitudinibus inaequalibus si
a maiore plus quam dimidium subtrahitur et a re-
liqua plus quam dimidium, et hoc semper fit, magni-
tudo relinquetur, quae minor erit proposita magni-
tudine minore. ,

Sint duae magnitudines inaequales 4B, I', quarum
maior sit 4B. dico, si ab 4B plus quam dimidium
subtrahatur et ab reliqua plus quam dimidium, et hoc
semper fiat, magnitudinem relictum iri, quae minor
sit magnitudine I

Nam I' multiplicata aliquando magnitudine 4B
maior erit [cfr. V def. 4]. multiplicetur et 4 E magni.
tudinis I' multiplex sit, eadem autem > 4B, et JE
in partes magnitudini I" aequales 4Z, ZH, HE diui-

X @ datur, et ab 4B plus quam
4 —— 1B ' dimidium subtrahatur B@, ab

H A® autem plus quam dimi-

4 : ' ‘ dium @K, et hoc semper fiat,
donec in AB totidem diuisiones fiant, quot in JE.

flatror F.  7od]om, V? E-ynemsvov b. flanovogF 12.
dnénb. 13, ual—npwv] om. P. ' xe] (prius) xel dmo V. 14,
alel F. ylyverar V, yévnren b, J.nqwﬂnastm V. dourv V.

#larrov . 16. 10:9] aoa F. AB usyédovs Theon (BF VD).

19. &ls] m. rec. B. aené] om. V. 21. ywécbw P. 28.
zoig] corr. ex zoi m. rec. b, 24, ofw] om. b drargéog Py
sed corr. 25, HZ F.  édouv F. 26. zov] (alt.) post ins.
m. 1 F 27. 'qy,ldsog b, 'qy,(covg V. 76] corr. ex tov F

7 76 7utev] tov nulcswg F, tov Nulesog BVh,



10

15

20

6 ZTOIXEIQN /.

10 B®, Aowwdv édga v0 HA Aoimot tov @A psitov
dotww. wmod émel peitov dove vo HA vov @4, xal
agrienras vot utv HA fjpov v6o HZ, tob 0t @ A peitov
7 70 fuev ©0 OK, Aowdv dge 10 AZ Aoumot Tov AK
ueifov édotw. loov 0t vo AZ v I xal vo I' dpu
rov AK peifov dovw. Edacoov &ga 10 AK vov I

Koradelmeraw Gpa amd tov AB peyédovs 16 AK
uéyedog Elaadov dv Tov duxsipévov éhdedovog psyédovg
tov I Omep &0er Ocikar. — Opolwg 0% deuydrjesrau,
x6v nplon 17 Te dpaigovusve.

f.

‘Eav 000 peyedav [dxxaigévov] dvicov dvi-
vpaigovpévov del Tov éAdaeovog axd Tov wsl-
fovog 70 xatadevmopevov undémors xaTausToy
70 wed favrov, acVppcroa E6TaL e peyéd.

Ao pig peyedov Svveov avicov tdv AB, I'd xal
élaecovog Tov A B avdvpaigovpévov del Tov éAdecovog
amd vov pelfovog O megihsimdpevoy umdémore xava-
peTQEiTm TO WP favrod” Afyw, Ot devuuered é0Ti T
AB, I'4 peyéd. :

E! pdg dori ovppcron, psteijost i avre péysdog.
pergelrm, & dvvarov, xal &otw té E* xal vo piv 4B
10 Z A4 xatopergovv Aamére Eavrov Eladdov vo I'Z,

2, forww] comp. Fb, o BV.  dor] om. V. 4. 9 6
fjusov) tod qpiszog BVD, tod nulesog F. 7. xaredéleimrac Bb.
8. &yxaipévov b,  Elareovog F.  10. nulevn P, fulosa V.,
Seq. demonstr. altera, u. app. 12, dxnepévor] mg. m.
1P avBvpougouévov V, corr. m.2. 18, alel F. élat-
zovogF. 15. vd] o F, corr.m. 2. 16. xel Svrog Theon (BFVb).
17. {drrovog F.  dvBvgagopévov V, corr. m. 2.  alel F.
19. domuv P.  21. éore] supra ser. -ew V. =] om.F. 28,
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ELEMENTORUM LIBER X, 7

diuisiones igitur 4K, K@, @B numero aequales sint
diuisionibus 4Z, ZH, HE. et quoniam AJE > AB, et
a AE minus quam dimidium subtractum est EH, ab
AB autem plus quam dimidium B®, erit H4 > © 4.
et quoniam HA > @4, et ab HA4 dimidium subtrac-
tum est HZ, a ® 4 autem plus quam dimidium @K,
erit 4Z > AK.uverum 4Z = I. quare etiam I"'> 4 K.
ergo AK <I.

Ergo ex magnitudine 4B relinquitur magnitudo
AK minor proposita magnitudine minore I'; quod
erat demonstrandum.

Similiter autem demonstrabitur, etiam si, quae
subtrahuntur, dimidia sunt.

IL

Si ex duabus magnitudinibus inaequalibus minore
semper uicissim a maiore subtracta reliquum nunquam
praecedentem magnitudinem metitur, magnitudines in-
commensurabiles erunt.

Datis enim duabus magnitudinibus inaequalibus
AB, I'4 minor sit 4B, et minore semper uicissim a
H maiore subtracta reli-
— Ar————— B quum ne unquam prae-
z cedentem magnitudi-
‘ ! '’ nem metiatur. dico,
magnitudines 4B, I'4 incommensurabiles esse.

Nam si commensurabiles sunt, magnitudo aliqua
eas metietur. metiatur, si fieri potest, et sit E. et 4B
magnitudinem Z 4 metiens se ipsa minorem relinquat

r

Z 4] mut. in I'd m, 2 B, m. rec. b; 4Z e corr. PV.  {ide-
agova P, sed o del.
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10 02 I'Z v6 BH xarapsrgovv Aanérw éavrov élacoov
©0 AH, nal tovro del puwécdam, Fag oV Aagpdi re ué-
yedog, 6 dorv EAaddov Tov E. yeyovérw, xal Asdelpda
t0 AH Eiaadov o0 E. émel ovv 10 E 10 AB pevosi,

b ¢Ad& 10 AB to AZ pevgei, xal to E doa 10 ZA us-
roroe.. uevpel 0% xal Odov 10 I'd* xal Aowmdv &oa
v0 I'Z pervgrjest. adda ©0 I'Z ©o BH pevpel” xal vo E
doa 10 BH pergel. pevgel 0} xal 6dov t0 AB* xal
Aowwov dpa ©0 AH peveroer, to peifov to EAaccov

10 Omeg éotly advvarov. ovx dga te AB, I'd psyddy
peTeree. T uéyedogt davpueroe dga ot va AB, I'Ad
peyédn.

‘Eav &ga dvVo peyeddv aviewv, xal ve EEig.

v
15 dvo peyedov evppitoov 0o0dévrieov o ué-
yL6T0v adTdv %0Lvdy pérgov evgEiv.

"Eote vo dodévra 0Vo ueyédn evpueroate AB, I'd,
wv éagoov 10 AB- dsi 07 tév 4B, I'd 16 péyiorov
%0uw0V uérgov Ve,

20 To AB pag uéyedog fro. peroel vo I'd 3 ob. &l
ptv ovv pergsl, pergel 0% xal favrd, 1o AB doa tiv

1. BH] in ras. P, mut. in B4 B m. 2, in 4B m. rec.; H
ecorr V. 2. yiyvéedo F.  Inedf BVb., 3. ferae P. flaz-
zov F.  elljodem V. 4. w6]{pr.) zoo F. 6. Z4 P. Z4]
mut. in 4Z V, 4Z BFb. 8. BH] HB P.  pergei] (priug)
supra m. 2 F.  10. dezév] om. V. ~ 11. Post ¢ ras. 1 litt. V.

dartv P, 13. peysddy dunsipivar F.  xal ta £Eig] Omeo

A
¥0e ik V (post £&7js add. @ b); dwnapévov avicov avd-
vopaipovuévor ael Tod éldecovog amod Tov pelfovog 1O nareds-
mopevoy pndémors naTapetel T0 mEd Eqvtod, aovuuerea foton
te peyédn m.2 V, del. dvicov lin. 18. 17. fotwoar F. odp-




ELEMENTORUM LIBER X, 9

I'Z, I'Z autem BH metiens se ipsa minorem relin-
quat 4 H, et hoc semper fiat, donec relinquatur magni-
tudo minor magnitudine E. fiat et relinquatur 4 H < E.
iam quoniam E magnitudinem 4B metitur et 4B
magnitudinem A4Z, etiam E magnitudinem Z 4 metitur.
uerum etiam totam I'4 metitur. itaque etiam reli-
quam magnitudinem I'Z metietur. sed I'Z magni-
tudinem B H metitur. quare etiam E magnitudinem
B H metitur. uerum etiam totam 4B metitur. quare
etiam reliquam 4 H metietur, major minorem; quod
fieri non potest. itaque magnitudines 4B, I'4 nulla
magnitudo metietur. ergo magnitudines 4B, I'4 in-
commensurabiles erunt [def. 1].

Ergo si ex duabus magnitudinibus inaequalibus,
et quae sequuntur.

I11.

Datis duabus magnitudinibus commensurabilibus
maximam earum mensuram communem inuenire,

Sint duae magnitudines datae commensurabiles A4 B,
I'4, quarum minor sit 4B. oportet igitur magnitu-
dinum 4B, I'4 maximam mensuram communem in-
uenire.

Nam magnitudo 4B magnitudinem I'4 aut metitur
aut non metitur. iam si metitur, et se ipsam quoque

pevoe peysdn V. 18, #laztov F.  20. péyefog] om. Theon

(BFVb).  7ro] m. rec. P. 21, Post odv add. 0 4B z¢

I'd V. pereei] (prius) supra m. 1 B.  «vzd B, corr. m. 2.
tdév» AB, I'd] om. V

~
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AB, T'4 xowdv uérgov éoriv: xal gavegdyv, omt xal
uépietov. usitov pag tot AB ueyéPovg o AB oD
pergiaet.
My pergelrw 07 0 AB 16 I'd. xel avSvpagov-
5 uévov asl tov éAdedovog amd rov welfovog, TO WEQL-
Aaumopevov petgrdss mor: TO WEO favrov Ok TO wN
slvar devpustoe to AB, T'd: xal ©d uiv AB 0 Ed
xoTausTgovy Aawéte éevrov #Aeesov 1o EI, 10 0%
ET t0 ZB xovapergotv Aaméto éavrvov EAageov To
10 AZ, ©6 0% AZ ©o T'E psrpelro.
'Ensi odv 10 AZ ©o TE perget, adda v6 T'E o
ZB uerpet, xal 10 AZ dga voO ZB pcvoros. werQel
0% xal éovrd’ xal GAov doa vO AB gsrgries 10 AZ.
dide 10 AB ©6 AE pergsi: xal 16 AZ dga to EA
16 weroros. perpsl 0% xal o I'E’ xal Glov dga vo I'd
uergeir 10 AZ doa tév AB, I'd nowdv uérgov éotiv.
Aéyw 01, Ov xal péyiotov. &l pog pif, dovar To pé-
yedog petlov vov AZ, 0 pergree. o AB, I'd. éotw
70 H. émel ovw ©0 H t6 AB pevgel, dide 10 AB
20 10 E 4 pevgel, xal v0 H dga t0 Ed pergrde.. pergel
0% nal 3dov 10 I'd" xal Aowwov dee v0 I'E pergios
70 H. adde ©v0 T'E ©6 ZB pergel® xal v0 H doa
10 ZB pevgrios. pergsl 0% xal Odov T0 AB, xal
dowwov 10 AZ pergree, vod ueifov vo élacoov Omep

1. 30‘1:1.’141 comp. F, éov¢ Bb, dotl tdv AB, I'd V. =xal]
(alt.) péroov fori V. 4. nef] om. BFVb. dv@vpapopsvoy V,
sed corr, m. 2; dvdvpagdusvor F. 6. ds&l] &oa del Vb, &ea F,
om. B (dox de/ m.2). 8. v6 EI' — 9. #lacsoy] m. 2 B.  10.
0 AZ) AZ 6¢é P. 13. peronoer — 14. ABl mg. m. 1 P. 14,
Post 4Z ras. 1 litt. V. 16. pergei] perenose F. Deinde add.
Theon: z6 AZ dga 1& AB, I'd pergel (BFVD); idem m. rec. P.

&oo] om. . 4oz{ BV, comp. Fb. 18. =] w6 B, corr.
m. 2. Post I'd add. pergeiro xof V, sed punctis del.  20.



ELEMENTORUM LIBER X. 11

|— Ai—t } | B

I'i—t+—i ! 4

metitur, 4B magnitudinum 4B, I'd communis est
mensura. et adparet, eandem maximam esse; nam mag-
nitudo magnitudine 4B maior 4B non metietur.
itaque ne metiatur 4B magnitudinem I'4, et mi-
nore semper uicissim a maiore subtracta reliquum
aliquando magnitudinem praecedentem metietur, quia
AB, I'4 incommensurabiles non sunt [efr. prop. IIJ.
et 4B magnitudinem E4 metiens se ipsa minorem
relinquat EI, EI" autem ZB metiens se ipsa minorem
relinquat 4Z, et 4Z magnitudinem I'E metiatur. iam
quoniam 4Z magnitudinem I'E metitur, I'E autem Z B,
etiam 4Z magnitudinem ZB metietur. uerum etiam
se ipsam metitur. quare etiam totam .4 B metietur 4Z.
sed 4B magnitudinem JE metitur. itaque etiam A4Z
magnitudinem E4 metietur. uerum etiam I'E metitur.
quare etiam totam I'd metitur. itaque 4Z magnitu-
dinum 4B, I'4 communis est mensura. iam dico,
eandem maximam esse. nam si minus, magnitudo erit
maior magnitudine 4Z, quae 4B, I'd metiatur. sit
H. iam quoniam H magnitudinem 4B metitur, et 4B
magnitudinem E 4 metitur, etiam H magnitudinem
E 4 metietur. uerum etiam totam I'4 metitur. quare
etiam reliqguam I'E metitur H. sed I'E magnitudinem
ZB metitur. itaque etiam H magnitudinem ZB metitur.
uerum etiam totam 4B metitur et reliquam 4Z me-

EA]P(prins) A4E P,  21. »af] (alt) om. V. 23. o] (alt.)

oV 24. lomov oo F.
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éotly ddvvarov. odx dge peifov v péyedog tov AZ
& AB, I'd pergijce v0 AZ age tov AB, I'4 zo
uéyietov xowov pérgov éotiv.

dVo dga peysdov evuuérooy dodiviav tdv AB,

8 I'4 ©o péypiovov xowdv uérgov nbgnrar: omep £&de
deita. ,
IIdgiope.

’Ex 07 tovtov pavepdw, O, dav uéysdog 0vo ue-

yédn ueter, xal 1O péyierov alTdy xowOV HéTgov
10 pETGEL.
&,

Toiv peyeddv ovupérpov dodévreov vo
uéyLarov adrdy xovdy uér@ov &vpsiv.

"E6tm to dodévra tole peyédn evpuston vo A, B, I

16 0st 0% Tov A, B, I' 10 uéyiorov xowov pérgov edgeiv.

Eljpde yog dvo v A4, B o péporov xowdv
uéroov, xal &otw t0 4° 1o 0y A 10 I' fror peroel 1
o¥ [ucrgel]. pergeiro modregov. dmel odwv O A 1o
I pevgei, pevoel 0t xal e A, B, 6 4 doo va 4, B, "

20 perpels ©0 A dpa tév A, B, I' xowdv uérgov éetiv.
xal Qovegov, Ote xal uéyierov' ueifov pag tov A
peyédovg ta A, B ol pergel.

1. doziv) om. F. y.u‘tov'] supra scr. m. 1 P, = peifov F,
sed corr. 2. weyédn pererjosr Theon (BF VD). 76] (alt.)
m. 2 F. 3. éot{ BVDb, comp. F. 5. uéroo P, sed corr.

svonrar P. Deinde add. v6 4Z V, sed punctis notat. _6.
dsikac] mowncen B et b (mg. yo. deifenr), dei deiker F (mg. m. 2:
ye. moijjoar). 9. peref] -y in ras. P, 15. Ante Jdef ras. 1
Litt. P.  16. dvo] om. V.  17. 87] m. rec. P.  18. perosl
om. P, 19. peress 8¢ — 20. peresl] mg. m. 1 P, 20. S foa
0t 4 P. zov] -v postea add. .  é¢z/ BV, comp. Fb. 21,
xel] (alt) om. BVb. 22. uéys@oc Fb. Post B ras. 1 litt. V.

Post peceei add. &f yae dvvardy, peroeirw ta A, B, I' usifoy
10v 4 (peyédovs add. V) w6 E* woi énsl ¢ 4, B, I peresi,
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tietur, maior minorem; quod fieri non potest. itaque
magnitudo maior magnitudine 4Z magnitudines 4B,
I'4 non metietur. ergo 4Z magnitudinum 4B, I'A
maxima mensura communis est.

Ergo datis duabus magnitudinibus commensurabi-
libus 4B, I'4 maxima mensura communis inuenta
est; quod erat demonstrandum.

Corollarium.
Hinc manifestum est, si magnitudo duas magnitu-
dines metiatur, eandem maximam earum mensuram
communem metiri.

IV.

Datis tribus magnitudinibus commensurabilibus ma-
Ximam earum mensuram communem inuenire.

Sint datae tres magnitudines commensurabiles 4,
B, I. oportet igitur magnitudinum 4, B, I' maximam
mensuram communem inueunire.

Sumatur enim duarum magnitudinum 4, B maxima
mensura communis [prop. III] et sit 4. 4 igitur
Al , magnitudinem I’ aut metitur aut non
metitur. prius metiatur. iam quo-
I ' niam 4 magnitudinem I’ metitur,

4 E gz ¢betiam 4,B metitur, 4 magnitu-

——t — — dines 4, B, 'metitur. 4 igitur magni-
tudinum 4, B, I' communis est mensura. et adparet,
eandem maximam esse; nam magnitudo maior magni-
tudine 4 non metitur 4, B.

Bi—

xal T A, B petorost nel 10 1@y A, B péyiotov xowwov (motwow
péyiorov V) wétgoy to A pevergse (petgriost 6 4 V) 1o peitov
76 flatcov (fdacoov V). omse droméy oty (¢ddvaroy V) V et
mg. m. 2 B,
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My pergeirm 0n 160 4 o I Adpm mpodtov, OTe
ovuuetod éove ta I, 4. ‘émel po evpuergd fovt Tor
A, B, I, uevprjess tv avra uéysdog, 0 Oniady xal o
A, B psrorjee wete xal ©o 1dv A, B uépicrov xowdw

5 uérgov 10 A pevgrgs. uergel 0% xal To I dore 1O
slonuévov pépsdog perones ve Iy, 4° evupsrpe oo
dotl vo Ty 4. eljpdm odv adrév 10 uépiarov xowdv
uérgov, xal é6vw 10 E. énel ovv 1o E ©0 A perpct,
aide ©0 4 va A, B pergel, xal vo E dgo ta A, B ue-

10 Tgrger. wergel 0% xal o I o6 E oo ve A, B, I”
pevgel” 1o E doa 16v A, B, I nowdv dome uérgov. iéyam
07, ome xal uéyievov. & pag dvvardv, &6tw T Tov E
ueifov uéyedog vo Z, xol uergelvw ve A, B, I xal
énel ©0 Z va A, B, I' pevgei, nal va A, B doa upergrost

15 xal 10 Tdv A, B uépiorov xowdv uéroov pergros.. To
0% vov A4, B uéyierov xowdv pérgov dotl 10 4° 1o Z
fox 0 A uevoel. uergel 0t wal w0 I 10 Z dpa
v Iy 4 peroei* nal vo vév Iy 4 dge péyierov xowdv
uéroov uerorioe ©o Z. &ote 0t 76 E° 16 Z dpo t0 E

20 weTEnOE, TO peifov 1o EAacéov: Omsp dorlv ddvvarov.
ovx toa ueltév v vov E usyédovg [udpedog) ta 4, B, T
uerget® v E doa tév A, B, I' 16 péperov xowov pérgov
dovlv, éav uy pevof) o A ©o T, ékw OF weroff, avrovo 4.

1. onewedrov F. 2. doud] (alt.) domy P. 4. pereei V. 5,
petonose to 4 F,  Post dore ras. 2 litt. V, 6. pezesi V.
7. Ecrl}‘ slotv P. ovv] om. BFVb.  76] m. rec. P. 8.
»el] om.F. #orw t6 El mg.m.2F. 9, pergsi’ — 4, B] om. F.
uererioet] pevesi V. 10. 76 E — 11, pezesi’] om. Theon
(BFVb). 11, pérgov dovl V. éomwv P. 14. pevesl] supra
scr.F.  doo] om. BFVh. 15. B] Bédge BFb. 16. péyioror]
m. rec P. 17. pevgel] (prius) corr. ex pergrjoer m, rec, P,
18. zdt] 7o b. 19. w0 Z. éore 0 76 E] mg. m. 2 F; vo Z*
70 0t 10w T, 4 péyiotov nowow uétgov doriwo EV. 20, pergel V.
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iam ne metiatur 4 magnitudinem I'. prius dico,
I, 4 commensurabiles esse. nam quoniam 4, B, I
commensurabiles sunt, magnitudo aliqua eas metietur,
quae nimijrum etiam 4, B metietur. quare etiam maxi-
mam earum mensuram communem /4 metietur [prop.
III coroll]. uwerum etiam I' metitur. quare magnitudo
illa I, 4 metietur. itaque I', 4 commensurabiles sunt.
sumatur igitor maxima earum mensura communis
[prop. III] et sit E. iam quoniam E magnitudinem 4
metitur, et 4 magnitudines 4, B metitur, etiam E
magnitudines 4, B metietur. uerum etiam I' metitur.
E igitur A,B,I'metitur. E igitur magnitudinum 4,B,I"
communis est mensura. iam dico, eandem maximam
esse. nam si fieri potest, magnitudo magnitudine E
maior sit Z et metiatur 4, B,I". et quoniam Z magni-
tudines 4, B, I metitur, etiam 4, B metietur et maxi-
mam earum mensuram communem [prop. III coroll.].
maxima autem magnitudinum 4, B mensura communis
est 4. Z igitur 4 metitur. uerum etiam I' metitur.
Z igitur I', 4 metitur. quare etiam maximam earum
mensuram communem metietur [id.]. ea antem est E.
Z igitur E metietur, maior minorem; quod fieri non
potest. itaque magnitudo magnitudine E maior 4, B, I"
non metitur. E igitur magnitudinum 4, B,I" maxima
est mensura communis, si 4 magnitudinem I" non me-
titur, sin metitur, ipsa 4.

", i ', , ,

21. ta A, B, I" pergei péysdos F. péye@og] m. rec. P. 1a]

6 B, sed corr. I'| T, 4 (eras.) peyédn V. 22, 7d] (alt.)
m. 2 F. 23 4av] &v P.
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Tody dgu peyeddv evpuérpnv dodévrav 1o ué-
p10T0v %0100V uéroov nUgyrer [Omeg &0z Oeitben).

Hégiope.

"Ex 67 tovrov gavsgdv, Ott, éav ufysBog tole ps-
yé9n uergf, xal to uéyidrov avrdy xowdv uérgov
ueTenoss.

‘Ouolmg 07 xal énl mAedvov to uépioTov xowwov
péroov Angdieetar, xal T0 mégioua wPoywETGEL. OmsQ
&0c dcikar.

’

g.
Ta cvppcerga uepédn meds &Ainia Adyov
Eyee, Ov agiduodg meds apLdudw.
"Ecro ovuuetoe usyédn te A, B* Adyo, du vo A
meog 10 B Adpor Eyei, Ov doududs medg deLdudy.
'Emsl yag 6vpucrod éoti vo A, B, pergros T avra
uépedog. uergelrm, xal éotw to I xal 66dmg vo I
70 A pergsi, TosavTor povddsg éotmoay év 16 A, 66dnig
0% 70 I' 76 B perget, vosavrar povadeg éorwony év 16 E.
’Emel obv ©d I' 16 A pevest xove vog év vep A
povddag, uergsl 0% xal % povag Tov A navd Tag v
avtg povddag, lodng doa 1 wovig vov A uergsl dgud-
pov xal vo I' uéysdog ©0 A° ¥otw oo dg 16 I’ meog
10 A, olrwg 1 wovag mwedg Tov A* avimedw dga, g
10 A meds 0 I'y otrwg 6 4 mgog Ty povada. mdAw
émel vo I' ©v0 B uevoel xata tag v v¢ E povadeg,

2. sboyror P.  morfjoer B et F (supra scr. dzifer). 4.
p,aye#m F. 5. [LET(}O‘D] supra scr. F. 7. 8¢ BVb, 8. lagp-
#noerar F. omg £dec dsifor] om. Theon (BFVD). 15.
dotiv P. B peyédn F. 20. zov] 76 Bb. 21, y.szg'qo'u b.

agu&yov] om. V. 22, xaf] naze F.  28. zov] 76 B. 25,
ré E] corr. ex avrd m. rec. b.
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Ergo datis tribus magnitudinibus commensurabili-
bus maxima mensura communis inuenta est.

Corollarium.

Hinc manifestum est, si magnitudo tres magnitu-
dines metitur, eandem maximam -earum mensuram
communem metiri.

Tam similiter etiam in pluribus maxima mensura
communis sumetur, et corollarium quoque progredie-
tur. — quod erat demonstrandum. '

V.

Magnitudines commensurabiles inter se rationem
habent, quam numerus ad numerum.

Sint magnitudines commensurabiles 4, B. dico, 4
ad B rationem habere, quam habeat numerus ad nu-
merum.

Nam quoniam 4, B commensurabiles sunt, magni-
tudo aliqua eas metietur. metiatur et sit I et quoties
I" magnitudinem 4 metitur, totidem unitates sint in
4, quoties autem I' magnitudinem B metitur, totidem
unitates sint in E.

iam quoniam I" magnitudinem 4 secundum unitates
numeri 4 metitur, sed etiam unitas numerum A se-

4 B r cundum unitates eius metitur,
e e unitas numerum A et I' magni-

j'_[d tudinem 4 aequaliter metitur.
—E itaque I': 4 = 1:4 [VII
def. 20]. e contrario igitur [V, 7 coroll.] 4:I'=24:1.
rursus quoniam I' magnitudinem B secundum uni-

»
V. Alexander Aphrod. in Anal. pr. fol. 87.
Euclides, edd. Heiberg et Menge. III. 2
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peroet 0 xel 7 wpoveg vov E nave vhg v adrd wo-
vadag, l6dwug dpa N poveg tov E uetoel xal 1o I
10 B dovw &pa dg 10 I' mpdg 70 B, olrwg i movag
ngdg tov E. #0ely®n 0% xol oog vd A meog vo I, 6 4

5 mQog TR povada- ¢’ leov o éoriv wg v0 A meods t0 B,
ottag 6 A deiduds meog tov E.

To cge ovuucroe ueyédn ve A4, B mpog &Adnie
Adyov Exet, O0v agududg 6 A meog agududv tov E* Smep

&0ar Oetkan.
10 4§

'Edv 0vo peyédn meog &iinia Adyov &1y,
0v aoLduog meog agtPudv, evuucroa orar ta
peypédn.

AVo pag ueyédn ta A, B mgog &Ainia Adyov éxéra,

16 Ov agiduds O 4 meodg doududv Tov E° Aéywm, 81 ovu-
ueroe éote ta A, B upeyédm.

Ocew yig slow év ve A povades, &lg vosaire low
dinenodw vo A, xal évl adrav leov éerwm 1o I' Gom
0¢ elaw v v E povadeg, éx tocovrov uspedov leov

20 ©@@ I" ovpxeledo ol Z.

'Emel obv, Soa slolv év 16 A4 povddeg, tocaird
sloe xal év vy A peyédn loa v I, O doa pégog éativ
N woveg tob A, ©o atrd pégog ol xal o I' Tov A
Zorw &ga g ©0 I' medg 10 A, oUrwg 9§ poveg medg

95 Tov 4. ueTpsl 0 17 povag Tov A dududv' peroel
dga xal vo I' 70 A. xal émel dovww og v I' meog
70 A, oTrag 9 poveg mpdg tov A [deidudv], dvimaiw
doo wg 10 A meog ©o I', otrwg & 4 deududg medg

3. 76] (pr.) ©év P. 4. 8%rwg 6 V. 7. mgos &linla] mg.
m 1P~ 11 fe b, 14, Mo yag peyédn] mg m. 1 P.
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tates numeri E metitur, sed etiam unitas numerum E
secundum unitates eius metitur, unitas numerum E
et I magnitudinem B aequaliter metitur. itaque [VII
def. 20] I': B=1: E. demonstrauimus autem, esse
etiam 4 : I'=4:1. itaque ex aequo [V,22] 4: B=4: E.

Ergo magnitudines commensurabiles 4, B inter se
rationem habent, quam numerus 4 ad numerum E;
quod erat demonstrandum.

VL

Si duae magnitudines inter se rationem habent,
quam numerus ad numerum, commensurabiles sunt.

Duae enim magnitudines 4, B inter se rationem
habeant, quam numerus 4 ad numerum E. dico, 4, B
magnitudines commensurabiles esse.

4 B r oo nam quot sunt in 4

F——k—— +——— = | unitates, in totidem par-
14 | tes aequales diuidatur 4,
—E = et uni earum aequalis

sit I. quot autem sunt in E unitates, ex totidem
magnitudinibus magnitudini I"aequalibus componatur Z.

quoniam igitur, quot sunt in 4 unitates, totidem
etiam in 4 magnitudines sunt magnitudini I" aequales,
quae pars est unitas numeri 4, eadem pars est etiam
I’ magnitudinis 4. itaque I': 4 = 1: 4 [VII def. 20].
uverum unitas numerum 4 metitur. quare etiam I’

weog dAlnle e 4, B V. 15. tovl)r (zd%) F, 26 o. 21.
vosabtor V, o eras. 22, eloi] domey fooe V, s eras.  23.
4 doulpod F 6] (alt) 6 P, in ras. V. -wu] e corr. V.,
25, 4 agdudy F. Post uowxc ras. 4 litt, V. 26. nol émel
wl V. 6] 6 P. 27 aguﬂuov] om. P, corr. ex d¢qiduds F.

2*
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v povdda. wdlwv émel, Goar eloly v té E povadeg,
rooeitd elov xal v v Z loa v I', ot Goo eg
70 I' modg 0 Z, oUrwg 7 uovag mwedg tov E [doBudv].
20sly®n O nal dg 10 A meog 10 I, olrmg 6 4 meds
5 v wovada: O ldov &ga fotly @g 16 A medg 0 Z,
ottwg 6 4 mgds Tov E. dAX g 6 4 medg tov E,
oOrog dotl ©0 A medg 10 B xal dg dea ©0 A meodg
70 B, otrws xal meog ©0 Z. vo A dpa meog Exarsgov
tov B, Z tov avrov Eys Adyov: loov &ea foti o B
10 T Z. pevost 0% vo I' ©0 Z* pergel Goe xal vo B.
dAAe iy xal 70 A° vo I’ éga ta A, B pergsl. 6vu-
uergov dga éotl ©o A vg B.
‘Eov dga 0Vo peyédn moog dAdnia, xal va &g

Idgiope.

15 'Ex 0% tovrov gavegdy, Oti, dav @er 0vo deuduol,
&g of 4, E, xol s0dele, aog 1 A, dvvardy éori moiijaan
og 0 4 dgududg meos tov E aoidudv, otrwg tyv
e0dclavy moog evdelav. fav 0! xal vov A, Z udoy
dvadoyov Angdij, dg u B, forar dg ) A mog Ty Z,

20 oUtwg 10 amd tviig A meds 10 amd g B, rovrierw
g 7 TEWTY TYOG TV TElTRY, 0VTMG TO AL THG WEWTTS
mPog 70 amo tig Osvréoag TO Oporov xal dpolwg dve-
yoapdusvov. ALl ag 1 A meds Ty Z, olrwg detiv
0 4 agidpog meds tov E agududv: yépovev doa xal

95 ©g 0 A aguduos medg vov E dgududv, ottwg 10 dmd

1. elotv] &lol nal V. 2. rooadrar P, et FV, sed corr.
gloww P. Z peyé®n F. loow V, sed corr. 3. dgu‘n’m'w
om. P. 4, zé] (alt.) zov b. 5.76] 0 B. 6] zé» Bb. 6. all
%l V, 6] postea ins. m, 1 F. ~ 7, dov/] om. V. 8. xalf
w0 A F. 9. iévyov P, sed corr. 11. pnv] pereei P. o I'
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magnitudinem 4 metitur. et quoniam est I': 4 =1: 4,
e contrario [V, 7 coroll.] erit 4: = 4:1, rursus
quoniam, quot sunt in E unitates, totidem etiam in Z
magnitudines magnitudini I" aequales sunt, erit I': Z
== 1: E[VII def. 20]. demonstrauimus autem, esse etiam
A:I'= 4:1. itaque ex aequo [V, 22] est 4: Z=4:E,
uverum 4: E= A:B. quare etiam 4:B—= 4:Z. 4 igi-
tur ad utrumque B, Z eandem rationem habet. ergo
B=2Z[V,9]. I' autem Z metitur; quare efiam B me-
titur, uerum etiam 4 metitur. I’ igitur 4, B metitur,
itaque 4 et B commensurabiles sunt,

Ergo si duae magnitudines inter se, et quae se-
quuntur.

Corollarium.

Hine iam manifestum est, si duo numeri sint 4, E
et recta A, fieri posse, ut faciamus, ut o: E, ita rec-
tam ad aliam rectam. sin rectarum 4, Z media pro-
portionalis sumitur B, erit 4:Z = 4°: B, h. e, ut
prima ad tertiam, ita figura in prima descripta ad
figuram in secunda similem et similiter descriptam
[VI, 20 coroll. 2, efr. V def. 9]. sed 4: Z = 4: E.

wal o ' V., 12. dotty . B] e corr. V. 13, xal T
sgng] 1dyov &yei, Ov doudpds meos agu‘)y,ov, cvpustee fotar To
peyédy: 8meg #dse Osikon V. 16, dg] m. 2 l!" evdsicn F.
1 4] e corr. V. 17. 0] zé» V, supra scr. m. 2 F, 4]
om. BFb aguﬂp.ov FV. ~ E] om. BFb; ag 1ov 4 agiduov
meos 16v E aptﬁy.ov m. 2 B. wjv] om. V, i P; del. m.
rec. B. 18, wﬁeka-av eras. V, svdeie P. w&auxw] rnv
w/ﬂ'ei‘av V et m, rec 19. Z] B B, sed corr. 21. ag
Oc ezee? V.  modiry)] supra add. @ F, & PBVb. Tolny] &
7 Pb et corr.ex y B m. 2 (¢ m. rec.); supra add 7 F. nqmrng]
& P. 24, dguBpdr] corr. ex deidpds F.  yéyovey &oo] supra
ger. m. rec. F
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vijg A e0®elag medg v0 amo vijg B evPelug’ Bmep E0eL
dcitat.
g.

T devppetoa puspédn meds &AAnie Aoyov
ovx £yeL, Ov agiBudg medg doLdud.

"Eove dovppetoe ucyédn 1o A, B idyo, (t 16 A
mog 10 B Adyov ovx Fyer, 0v deududg meds doidudv.

El yag &ew ©0 A meog ©6 B Adypov, Ov deidudg
meog Goududy, Gvuustgov dotar 1o A ve B. ovx éore
0¢* ovx doo 10 A meog 10 B Adyov #ger, Ov dgidudg
TEog dQLduoY.

Te doa aovuusTon usyédn meds &Ainie Adyov ovx
&y, xal Ta EEijs.

’

7.

Edv 0YV0 ueyédn modg dAAnia Aoyov uy &y,
0v apududs meds apududwv, acvppcrtoa EoTar
Ta peyéd.

dvo yap ueyédn v A, B medg &Ainde Adyov uy
éyérom, Ov agududs medg doBudy: Aéyw, v aevuuscrod
dote e A, B usyéd.

Ei pog &orar evupuetga, t6 A meodg tO B Adyov
ety Ov aguBuds modg doududv. ovx Exeu 04 dovyu-
peroe dga éoti ve A, B peyédn.

Eav &ga 0vo peyédn mog GAdnde, xal va &Efg.

1. 4 ed®elag] in ras. m. 1 b.  Gueg ds deiken] om.
Theon (BFVb), Seq demonstr. alt.; u. app. 5. Post aoidudy
ras. 3 litt. V. 7. 6] ins. m. 1 F 9. Ante fotar ras. 1
litt. F.  Zomw BF.  10. yo. 0 4 aga moog 70 B Adyow ovx Eya

% m 1b 12 o'vy,p.etqa b._ A6yov ovx Eys meds dAdnde
BFb. 18, nol e EEng om F (in mg. quaedam erasa), cw

aguﬂy,og noog a(w&pow B 20. oty P, foroar V. L2t yoe
ovpustoy éote 76 A1 B Theon BFVD). 29 Zyab. Gwmeg V.
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itaque inuenimus 4: E= 4°: B". — quod erat demon-
strandum.

VIIL

Magnitudines incommensurabiles inter se rationem
non habent, quam numerus ad numerum.

Sint magnitudines incommensurabiles 4, B. dico,
A4 ad B rationem non habere, quam habeat numerus
ad numerum.

4 Nam si 4 ad B rationem habet, quam

numerus ad numerum, 4 et B commensurabiles

——  erunt [prop. VI]. uerum non sunt. itaque A4
ad B rationem non habet, quam numerus ad numerum.

Ergo magnitudines incommensurabiles inter se ra-
tionem non habent, et quae sequuntur.

b

VIIL

Si duae magnitudines inter se rationem non habent,
quam numerus ad numerum, magnitudines incommen-
surabiles erunt. ‘

4 Duae enim magnitudines 4, B inter se
' rationem ne habeant, quam numerus ad nu-

merum. dico, magnitudines 4, B incommen-
surabiles esse.

Nam si commensurabiles sunt, 4 ad B rationem ha-
bet, quam numerus ad numerum [prop. V]. uerum non
habet. itaque magnitudines 4, B incommensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
quuntur.

|

GeBpdy] corr. ex deuipés m. 1 P 28. doziv P. 24,
ddv — peyédn) om. F. = medg &'1.7.171.0:1 bis b. nol zoo EE7jg)
Aoyov wry Exy, ov douducs meos deudpoy devuustge forar V.
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Te amd Tov unfxss Cvupétooy cVdeldy T&-
Tpdywve mEdg &AAnia Adyov £&ysi, Ov TerQd-
yovog aeLdpudg meog TETQAYOVOY dQidUdY xal
T TeTQdy@va to ®mEOg GAAnAa Adyov Eyovre,
0v TeTQay@VOg aeLdpds mEOg TeTEEY@MYVOY dQL-
Sudv, xal tag misvoag ke prixer evppéroovg.
Tt 0% dmd THY pxer ACVUUETQOV EVIFELGY TéE-
todyeve mweog dAdnia Adyov ovx &y&, Gvmsg
TETQAYOVOg AQLIUlg TQPOG TETQUd Y@V OY G udw”
xal Ta TergAywve ta WEég &AAnAa Adyov urv
éyovia, 0v TeT@dyovog dQLduds mEoOs TETQU-
yovov agdudv, 0v0: trag mAsveag Ffer prxer
gvpuéroovs.

"Ecvraday pag af A, B wixer ovppsrgor’ Aéywm, Ote
76 dmd tijg A vevpdpmvov medg TO dmd Tijg B terod-
yovov Abyov &s, Ov veTodymvog deiduds mgos Te-
10dy@VoY AELINGY.

‘Enel yeo ovppergog éosiv ) A v B wijxer, v A
doo mweodg Ty B Adyov e, Ov doududg moog doLdudy.
égérom, Ov 6 I' meog tov A. Zmel odw dovw dg 5 A
weog v B, ottwg 6 I meog tov 4, adi& tov uiv
tiig A mog v B Adyov duwdeclwv fotlv 6 o dwd
1ijs A teTgaydvov meds TO amd Thg B tTeredywvov-
To pag Opoie Gyiueare v durdaclove Adyp Zoti ToV
duoddyar mAevedv: zov 0% tov I' [douduov] moog
1ov A [aoududv] A6pov dimhasloy otlv 6 ToT dmd TOD
I" tetgaydvov medg TOv amd Tov A veTgdymvov' dvo
yeo TeToRysvey deududy &g uésos dvdioyév deriv

3. modg &Mnie] supra ser. F. &p V, corr. m. 1. 4,
&ouPudg] supra scr, m. 2 B. B, teredymve rd] supra ser. m,
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IX.

Quadrata rectarum longitudine commensurabilium
inter se rationem habent, quam numerus quadratus
ad numerum quadratum; et quadrata, quae intér se
rationem habent, quam numerus quadratus ad nume-
rum quadratum, etiam latera longitudine commensura-
bilia habebunt. quadrata autem rectarum longitudine
incommensurabilium inter se rationem non habent,
quam numerus quadratus ad numerum quadratum; et
quadrata, quae inter se rationem non habent, quam
numerus quadratus ad numerum quadratum, ne latera
quidem longitudine commensurabilia habebunt.

Nam 4, B longitudine commensurabiles sint. dico,
A%: B? rationem habere, quam habeat numerus qua-
dratus ad numerum quadratum.

4 B Quoniam enim A et B longi-
l —t i tudine commensurabiles sunt, 4:B

r rationem habet, quam numerus

—_— ad numerum [prop. V]. sit 4:B

4 =1TI:4. iam quoniam A4:B
=T:4, et 4*:B? duplex est quam ratio 4:B (nam
figurae similes inter se duplicatam rationem habent

2 B. 8. cvppérgmw b (corr. m. rec.), @; i seq. ras, F. 9.
oy BFb 10. aeuﬁyov] om, V. - 11, m) Eqovre Aéyov V.

12, vmee V. 15, yog] om. V. 16. 7a] (pnus) supra ser.
m. 1 P teroaymvov] (alt.) m. 2 comp. F. 17 owmq V. 21,
8v] ody 8w Bb, odv corr. in odv 3v FV., 92, I' gaudpds BVD
ete corr. F. 4 deudpéy BFVb.  23. vijg] e corr. V. -

nldeioy V, corr. m. 2. 24, 6] corr. ex tov V. 26. tod
(alt) om. P, supre scr. P, dodpoi] om. P. 27, debucy
om. P. o 7o9] o k. 28. Post I' del. mwedg wov 4 P.

TeTQuydwov] tereaywy’ seq. ras. 1 litt, B, zdv] 6 B. 29
pégoy B, corr, m. 2.
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agidudg, xal 6 TeTpaymvos mMEOg TOV TETQEyaVOY [dQu-
Budv] dumdaslove Adyov &ye, #imsg % mAsvoe mEOg
v mievedy: forwv doa xel wg TO amd Tig A TETod-
yovov mgog Té dmd tig B rerpdywvov, oftmg 6 amo
100 I' terpdywvog [deududs| mpdg Tov dmo Tov A
[dotBuot] TeTodymvov [doidudy).

"Aida 07 f6tw og TO amwd tiig A TETay©VOY WEOG
T0 and tijg B, ottwg 6 amd zob I' verpdymvog meodg
tov amd rov 4 |rergaywvov]: Afpm, Ot GVuuETEOS
dorwv | A v} B wixer.

‘Enel pag ot g 10 amd t1jg A TEt@dywvov meodg
70 ano tijg B [vevgodymvov], obrwg 6 dmo vod I' ve-
TOXYOVOg WYOg TOV Amd To¥ A [tevedymvov], dAl o
udv tov dmo tijg A TEveaydvov meds T amd tig B
[zerodyovov] Adyos dimdeeiov dotl To¥ tiig A mEog
v B Adyov, 6 0% vov amd vov I’ [agudpod)] weroa-
povov [doiduod] medg Tov dmd Tov A [detduod] Te-
Teayovov [deuduov] Adyog dumdaciov derl tov tov I
[aoiduod] modg tov A [deuduov] Adyov, Zotww oo
xel og 7 A mweds v B, ovrag 6 I’ [deududg] moog
tov A [deududv). 1 A dpa medg v B Adyov ¥ye,
ov aguduog 0 I' medg deidudy vov A° evuusctgog doa
dotlv § A ] B wijxer.

"AAde. 0 dovppergog éotw m A 1f] B wixer Adya,
Ore ©0 dmd tijg A veTedywvov meog TO dmd ijg B [re-
Todyovov] Adpov ovx Eys, Ov veTedywvos a@LIuds
QoG TETQAYMVOV AQLIUCY.

El yap ¥e to amo viig A terodymvoy meods TO
and wijg B [zergaywvov] Adyov, Ov revpdywvog doud-

1. ¢ouPudy] om. BFVb. 5. I'] in ras, F, I" deiduoi
FVb.  dedudg] om. P. 6. dot8uod] om, P.  dgfuéy)
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quam latera correspondentia [VI, 20 coroll.]), et I'*: 42
duplex est quam ratio I': 4 (nam inter duos numeros
quadratos unus medius est numerus, et numerus qua-
dratus ad numerum quadratum duplicatam rationem
habet quam latus ad latus [ VIII, 11]), erit 4%: B =I": 4%,

Jam uero sit 4%:B%=1": 4% dico, 4 et B longi-
tudine commensurabiles esse,

nam quoniam est 4%: B2 =T": 43 et 4%: B duplex
est quam ratio 4:B, I': 4* autem duplex quam I': 4,
erit 4:B=1"I":4. itaque A ad B rationem habet, quam
numerus I' ad numerum 4. ergo A4 et B longitudine
commensurabiles sunt [prop. VI].

Iam uero A et B longitudine incommensurabiles
sint. dico, 4%:B® rationem non habere, quam hfbeat
numerus quadratus ad numerum gquadratum.

si enim A4%: B? rationem habet, quam numerus
quadratus ad numerum quadratum, 4 et B commen-

om. P. 8. B rszeaymww BVb et e corr. F.  7o6] corr. ex
ziis V. 9. teredyavor] om. P. 11. 4] in ras. b, 12. 7e-
Teayawvor] om. P. 18, nw] 6 b.  zetedyovor] om. P, 14,
zov] m. 2 F. 0] 76v B, tov 7od F._ 15 retedywvoy] om. P.

16. aqm‘i;wv] om, P, zsrpwynwog BV. 17 dotduov] om. P,
agl.ay.og BV. doeBpos] om. P. zereaydvov P. 18, ugu&-
poy] om, P, devv P.° 109} om. V. 19. ugu&pov] om, P.

agt&p.ov] om. P.  20. ¢oiBpuds] om. P, 21. derpdv) om. P,

22. 70w 4] m. 2 B.  25. 4] corr. ex B m. 1 V. zered-
yovor] (alt) om. P, 29. reroaywvor] om. P.



10

20

25

28 ZTOIXEIRN ..

udg medg TeTdywvov deududv, ovuustgos fotar § A
7] B. ovx &6t 0¢° odx dga O amd Tig A TeTedywvov
meog T6 dmo Tijg B [rergdywvov] Adpov Eye, ov Terpd-
yOvog aeuduog mwEog TETEAYPMYOY AQLduov.

IIddw 0 ©6 and vijs A Tergdyavov mdg TO 4md
1iis B [vevpdywvov] Adpov w1 éfre, Ov terpdymvog
doududs meog Terpdywvov dgududv: Aédywm, Ot devu-
uergdg otiv v A tij B uijxs.

El yag Zove ovpustoog % A vij B, &e ©0 dnd vijg
A mdg o amo viig B Adyov, Ov terpdymvog doLduds
me0g TETQAYWYOV GQUIUdY. ovx s 0 ovn dpa
ovpucTols éotiv n A tif B uixe.

Ta dge awd tov wijxer cvupérgwv, xal ta EEjg.

Hégiope.

Kol qovegov éx tov dsdeyudvav &over, Ot of
uijxsL ovppeTgor mevtwg xel Ovvdus, aof 0% OSuvdus
00 mdvrewg xol pixse [eimeg Ta AmO THOV wixeL Guu-
uéroav evdedv TeTpaywve Adyov Eqe, OV TETQAYOVOg
GoLdudg meog TeTpdy@VOY dLdRbY, Ta 0t Adyov Egovte,
ov aguiudg mwedg agLdudy, Gvuustod fotiv. dere of
pnxer ovpuergor evdslar ov udvov [elol] wijxer ovyu-
uergot, arde xal dvvdust.

medwy émel, 6o veTQdywve medg dAAnia Adyov Eyel,
0V TETQEP@VOg GELI U0 MPOg TETEAPOVOY doLducy, wixs
d0ely®y avupstoa xal dvvaus Svta Gduucroe TG TR
revgdpove Adpov Eypaw, ‘Ov doduds Pods doidudy,
ooa doo teTgdywva Adpov ovx Eqst, OV TeTQUy@VOS
agududg medg TeTpdyovov deududy, Gl dmAdg, Ov

2. Post B add. pjre: m. 2 V. 8. rerodywvor] om P. 5.
67} om. b, ¢ BFV. 6. reredymwvor] om. P. ~ 8, demv] e
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surabiles erunt. at non sunt. ergo 4%:B? rationem
non habet, quam numerus quadratus ad numerum
quadratum.

iam rursus 4?:B? rationem ne habeat, quam nu-
merus quadratus ad numerum quadratum. dico, 4 et
B longitudine incommensurabiles esse.

nam si 4 et B commensurabiles sunt, 4%: B? ra-
tionem habebit, quam numerus quadratus ad numerum
quadratum. at non habet. ergo 4 et B longitudine
commensurabiles non sunt. ‘

Ergo quadrata rectarum longitudine commensura-
bilium, et quae sequuntur.

Corollarium. :

Ex iis, quae demonstrauimus, manifestum est, rectas
longitudine commensurabiles semper etiam potentia

corr. F. 9. slf] in ras. P. foron P. 10. 4 -zszpaymvov
BFb. B reredyovov BFb.  12. Post B add. advyyazoog dou
dotlv 7 4 vj, B FVb, B m. 2. 13. Post dvm&etomv add.
av&etmv TETQiyOYE nqog uunla 1oyov E’zu, 0% TETQUY00VOg agt&-
pos moog Tetpaywvoy deuduéy V.  Post £Efje add. Theon: Gmse
£3er Beifar (B%‘Vb) 15 éx] fotw éx BFV.  foreu] om. b.

17, ov] in ras. F, avp,p,ugo:. ov V. slmeg] corr. ex 7fmse
m 2 V. td] corr. ex voig m. 1 F.  21. Post prixer add.
éelm. 2 B. “elof] om. P, 28. 8oa] v P, corr. mg. m. 1.

retedyova Aéyoy Exa Qs &ldyla F. 26. reredywvos doud-
pog 70§ rsrqaymvov aquﬂ'pov BFVb. Post a(wﬂ'pov add.
oloy & 4 xal & g ] yag 3 ngoc zov 1 loyov ovn Eyet, ov zeroa-
yovog apvﬂ'p,oc npog zszeuywwov aquﬂyov, cvy,p,nqm 65 of 6‘% 8v-
Beiar, ag’ G uva»yoa(pnmxv ucvp,y,srgo[ eloww 7o yag TeTedymve
cloye slay: mcrs 0'51' ol prner cdppeteoe nawmg nal a‘wap,st,
of 8t dvvdpser o9 maveog xel y,mm. b. 28, ¢V BFV. anldg]
om, Fb, m. 2 B. 6v] Ov Ereqés s BFVD,
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aQududs modg doududy, cvuueton uiv forar alre Ta
rergdyave Ovvdpuel, onére 0% xal wijxe® dore vo pdv
prxes ovpustoe moiviwg xel Ovvdusl, Te 0¢ dvvapst
oV mavrwg xel uixes, & w1y xal Adyov Eyoisv, Ov Te-
TRdpOVog dLIUdS WEOS TETEEYOVOY dQLIulY.

Aéyw 01, Ot [xal] af pijxer dovuuergor 0U maviog
xal dvvduet, énaidimep of dvvdust 6 pucrgor dvvavrar
Adyov un Egew, Ov terpdywvog deLduds WEOS TETOK-
yovoy aguiudv, xel dix tovro dvwdust oveaL CUk-
pergor pijxes slaly aovuusrgol. GOt 0vy of TG wijkee
davupergor mwovrag xal dvvdus, aile dvvaviar pixse
ovoa devuucrgor dvvduse elvar xel dadppctgor xal
GURUETQOL.

ol 0t dvvduel devpueTgoL woVTRG Kol WIKEL AOVYU-
pergor & pag [elor) wijxel -oVppergor, FGoviar xael
dvvdper ovpusTgor. vmlxsvrar 0% xal devuuergol’
Onmeo dromov. of Gpa Ovvdust aevppergol movTag
xol popxet].

Ajppe.

Adédexrvar év tois agudunmixolg, Stu of Suotor émi-
medor aguduol meog dAdfjiovg Adpov Epovery, ov Te-
Todyovog agududs weds Tergdywvov doududy, xal o,
dev Vo doudpol modg dddfjdovs Adyov Fwow, oOv
TETQUYOVOG dQLIUOS TEOS TETEAYOVOV dQududy, Guotol
elow émimedor. xal OfAov éx Tovtwy, 8ti of umy Smoroe
énimedor dguduol, tovréoriv of uy dvdloyov éyovreg
Tog mlsvodg, medg dAAjlovg Adyov ovx Eyovowv, Ov
TETdymVog agLiuog meds TeTedymvoy dgdudy. & pog
Etovewy, Ouoor émimedor EGovrar’ Gmeg ovy Vmoneita.

1. ¢odpdy mve V. pév] om. V. éotou] eloww BF,
dotiv comp. b; dore V, corr. in péy m, 2.  adre] om. V;
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commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine.?)

Lemma.

.

In arithmeticis demonstratum est, similes numeros
planos eam inter se rationem habere, quam habeat
numerus quadratus ad numerum quadratum [VIII, 26],
et si duo numeri inter se rationem habeant, quam
habeat numerus quadratus ad numerum gquadratum,
similes numeros planos eos esse.?) unde adparet, nu-
meros planos non similes (h. e. qui latera proportio-
nalia non habent [efr. VII def. 22]) inter se rationem
non habere, quam habeat numerus quadratus ad nume-
rum quadratum. nam si habebunt, similes erunt plani;
quod contra hypothesim est. ergo numeri plani non

1) Quae sequitur p. 28, 17 — 80, 5 demonstratio corollarii
et superflua est et a sermone Euclidis abhorret. praeterea of-
fendit, quod plue demonstratur (1éyew &% lin. 6), quam propo-
situm erat.

2) Hoc nusquam demonstratur; sed est VIII, 26 conuersa,
qua etiam in IX, 10 p. 358, 19 utitur.

supra zo ras. est. 2. Ante Svwvdper add. rovréony of eddsin,
dg ov dveyoagnoay BEVb.  td] «f BFVb, 8. cduusreoe
BFVhb. 1¢] «f BFVb. 4. Supra fyouey m. 2: zo TeTed-
yova V. 6. xe(] om. P. 7. Post dvvause add. dovp-
pegor V. ému?ﬁneq] éneidn yao P.  10. t$) om. FV. 11
d¢lla xal V. 12. evpuctoor xel devppsroor P, 14, uijnet]
-n- e corr. P.  15. &lor] om. P, eloww B, comp. b.  16. vmo-
nevor . Post xal del. dvvdpee F. 19, Zjppe] om. P.  20.
on év F. Gz supra scr. m. 1 b.  21. Adyov meog dilrjlovs
#yoveww F.  Fyover P, corr. m. rec.  23. dvo) supra scr. m.
1 F. 25 Supra Zmimedo scr. of dotduol m. 1'b.  p7] supra
ser. m. 1 V., 29. oméxewroe P.
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of &ga wy OSuotor énimedor medg adjAovg Adyov odx
&ovely, Ov teTgdywvog deiduds WEOS TETEEYHVOVY
agududv.

’ -

v

Ty mooredeiay evdela mwoodevoeiv dvo &v-
Delug dovppérgovg, Y uiv ufxeL povov, TRY
0t xal dvvdpesr.

"Eotw % mgotsdeica ebdsia n A Oel On v A
mocevgely dvo &idelag agvuudroovg, TV wiv kst
uovov, v 0k xal dvvdaust.

‘Exxclodwcay yag 0vVo dgiduol of B, I' meds di-
Mjdovg Adyov uy éypovreg, Ov TETEAY@VOG AELIUOS TG
TETQdYOIVOY doLdudY, Tovréore w1 Gpotor émimsdor, neld
yeyovétm g 6 B meog Tov I', obrwg ©d dmd tiig A
TeTQUyVOY TEOS TO 4mO Tig A TeTodywvov: duddouey
yao" ovppetgov doa To amd vig A 16 amd tiig 4.
xal émel 6 B mpdg tov I' Adyov odn &geu, Ov tergd-
yovog agududs medg tergdywvov aeududyv, ovd Fga
70 amd vhg A meog ©0 amo vig A Adyov Egs, ov Te-
TQUyOVog dQududs mEog TETQEy@VOY deLdUdY® dovu-
pergog dpa fovly 7 A v 4 wixe.  eAjede Tdv
A, 4 upéen dvddoyov w E- &omwv &ge wg § A medg
v d, obrwg ©6 and tig A teredywvov medg TO dmd
vijg E. dovupuevgog 0¢ dovww f A vfj 4 pixe devu-
uergov doa o1l xel O dmd tiig A vetodywvov 76

1. &g p7] in ras. m. 1 P, odx] ins. m. 1 V. 8. Seq,
demonstr, alt.,, u. app. 6. cwppéreovg B, corr, m. 2. 7. xal]
ins. postea F. 8. 8ei] 9- in ras. V.  10. mﬁvl)rﬁc P, corr.
m, rec.; tf V, sed corr. 18. zovtéory P. ost énimedos
add. /- F, cui signo in mg. nihil resp.; in b seq. of yxe Spotoc
éminedol meog dddniovs Adyoy fyovaiy, Ov tetpuywvog cidpog
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similes inter se rationem non habent, quam numerus
quadratus ad numerum quadratum.

X.

Data recta duas alias inuenire ei incommensura-
biles, alteram longitudine tantum, alteram etiam po-
tentia.

Data recta sit 4. oportet igitur duas alias rectas
inuenire rectae 4 incommensurabiles, alteram longi-
tudine tantum, alteram etiam potentia.

Sumantur enim duo numeri B, I, qui inter se ratio-
nem non habeant, quam numerus quadratus ad nume-
rum quadratum, h. e. plani non similes [u. lemma],
et fiat B:I'= A%: 4% (hoc enim didicimus [prop. VI
coroll]). itaque 4% et 4* commen-
surabilia sunt [prop. VI]. et quo-
niam B:I" rationem non habet, quam
numerus quadratus ad numerum qua-
dratum, ne 4%: 4* quidem rationem
habet, quam numerus quadratus ad
numerum quadratum. itaque 4 et 4 longitudine in-
commensurabiles sunt [prop. IX]. sumatur rectarum
A, 4 media proportionalis E. itaque 4:4 = 4*:E*?
[V def. 9]. sed 4 et 4 longitudine incommensurabiles

fr——————i4
44—
Ei——m

i \ B

jp———1 I"

meos TeTpoymvoy deududy; in V seq. die rodro, punctis del.
m. 2. 16. =7jg] 7ov P. ig] tov P, 4] corr. ex B m.
1V, Bb, 19, 4] corr. ex 4 m. 1 F. medg] supra m. 1 V.

zd] corr. ex 3 V. 4] Bb. 21. éotlv] postea ins. F.  24.
E zetpdyovoy V. 26, dottv P.

Euclides, edd. Heiberg et Menge. III. 3
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and vijg E tevpaymve’ dovuuergos doo dotiv 5 A T
E dvvdust.

T4 éoe mooredelon evdele tfj A moodevgnvrar dvo
s09slor aovuusroor af A, E, wixer udv udvov 4 A,
dvvauss 0% xal uiusr Onlady 7 E [Omeg é0e dsifar).

e’

‘Eav récoaga wepéidn dvdioyov 17, o O}
nodTov TP Osvrége GUpueTgov 7, xal 0 TEL-
TOV TG TETAQTE CUUNETQOV E6THL XEV TO HQBTOY
t$ dsvrépm dovppetgor g, xal vo Tolrov 16
TETAQTE dOVvUpETQOY E6T0L.

"Eetwoay tédoage uepédny dvidoyov va 4, B, T, 4,
og 70 A meog 70 B, ottwg 0 I’ medg ©0 A, 1o A Ok
T B abpuergov Eotw' Aéyw, Gt xol 16 I' 16 4 ovp-
psrgov EorTou.

‘Enel pag avuucrody éort 16 A e B, 16 A doux
nedg ©0 B Adyov &ys, Ov doududs moog doududv. xel
dotiv g 0 A meog v B, ofrwg té I' medg 76 A-
#el ©0 I doa medg t0 A Adyov éyer, ov dgidudg mweog
aoududy: ovuuctgov &oa éotl 10 I' vg 4.

"AAda 01 t0 A ¢ B deduusrgov fotw’ Adym, e
xel ©0 I' v A aovupsrgov éotar. émel yog dovu-
uetgov ot 0 A4 v B, vo A doe mods t6 B Adyov
otx e, Ov agduog medg ceududy. xal dotiv g

3. meoorsdeloy Pb. mooonvenvrar BFb. 4. 7)] corr,
ex 7y B.  Post 4 add. el B et F, sed del. 5. Omeg #de
deiko] om, PBFb.  Seq. scholium in PBFb, u.app. 6. 1]
corr. ex ¢ m. rec. P, ex iy V. 8. moditov] & P, et sic sae-
pius.  7d] ins. postea F.  zelror] 7 P et b (et sic saepius).

15. dotiy BVDb.  16. domv P, 2 4] (alt.) postea ins. F. 17,

B] corr. ex 4 m. 1 F, ISwA]correonV 20. I']
in ras. V.  21. 87 devppergoy dove wal ©6 Iz 4 V. 22
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sunt. itaque etiam 4% et E? incommensurabilia sunt.?)
quare A4 et E potentia incommensurabiles sunt.?)
Ergo data recta A duae aliae inuentae sunt A, E
el incommensurabiles, 4 longitudine tantum, E autem
potentia et longitudine; quod erat demonstrandum.

XL

Si quattuor magnitudines proportionales sunt, et
prima secundaque commensurabiles sunt, etiam tertia
quartaque commensurabiles erunt. et si prima secunda-
que incommensurabiles sunt, etiam tertia quartaque

incommensurabiles sunt.
Quattuor magnitudi-

nes proportionales sint
' 4, B, I, 4, ita ut sit
A:B=T":4d, et 4, B commensurabiles sint. dico,
etiam I', 4 commensurabiles esse.

Nam quoniam 4, B commensurabiles sunt, 4.: B
rationem habet, quam numerus ad numerum [prop. V].
et A:B =I:4 quare etiam I': 4 rationem habet,
quam numerus ad numerum. ergo I, 4 commensura-
biles sunt [prop. VI].

Jam uero 4 et B incommensurabiles sint. dico,
etiam I') 4 incommensurabiles fore. nam quoniam 4, B
incommensurabiles sunt, 4 : B rationem non habet,

At 1 Bt

M—— -y

1) Hoc ex prop. X[ concludendum erat (quare Gregorius
propp. X et XI permutauit). omnino tota prop. X cum lem-
mate multis de causis suspecta est, et uix crediderim, eam a
manu Euclidis profectam esse.

2) Quare etiam longitudine (prop. IX coroll.).

fovou] donw BFb. 28 4] (alt.) supra scr. m. 1 V. doo]
supra ser. m. 1 F. 24. ovx] m. rec. b
3*
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70 A mpog 10 B, otrewg ©0 I' medg 10 4° o0vdt vo0 I
doa medg Td A Adyov s, ov d@uiuos mEog kLBl
aevuusroov oo éotl to I' td 4.

‘Eov &oa técoage usyédn, xal ve &g

f.

Te v avrd peyéder ovpperoe xal aliflotg
dotl ovpperoa.

‘Exdregov yae tvov 4, B to I' &to cvpuctgov.
Adyw, Ove xal 0 A v B dote evuustgov.

'Enel yop ovppergov éove vo A ¢ I, 10 A doa
nedg ©o I' Adpov &qer, ov agududs medg aLdudw.
éyérm, Ov 6 A mgdg ©ov E. mdlw, émel evuuerody
dorv ©0 I''vg B, vo I dpe medg vo B Adyov &er, o
douBudg medg apidudy. éyftwm, 0v 6 Z medg Tév H.
xal Adyov dodévrav omocwmvoiy ToU Te, Ov &yt O A
7o tov E, nal 6 Z mpog vov H slijpdocav coiduol
étig év Tolg dodelor Adyog of O, K, A @6re slvau
o pdv Tov 4 moog tov E, ovrwg vov @ medg tov K,
g 0t zov Z mgog tov H, ovrwg wov K mpog wov A.

"Ensl ovw detiv dg 10 A mpdg to Iy oDrag 6 4 medg
wov E, aAl @g 6 4 mgdg vov E, otrewg 6 O mpdg
rov K, fory dpa xal g to A medg ©o Iy otrag 6 @
npog vov K. mddw, émel detiv wg to I' mpdg vo B,
otrwg 6 Z mpdg vov H, dAl og 6 Z mpds vov H,
[otrwg] 6 K moog vov A, el og dga o I’ medg 10 B,
otntwg &6 K mpds tov A. E6rs 0% xal &g t0 A medg

1. 096¢] om. V. 2. &ea] om. V.  1dyow] doa loyov
ovx V, 4. tsdduga ¢ § F. Ante xal add. uvaloyov
BFb; a‘vuloyov 7, 10 8t medrov 6 devtign cvyyemov J

Post éEne add. omq £3s: dsitow V. 5. 1ff] corr. ex m m,
rec. P. 6. peyidn b 15, dmdowr? V (comp.).  17. £Eijs]
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quam numerus ad numerum [prop. VII]. et 4:B=1I":4.
quare ne I': 4 quidem rationem habet, quam nume-
rus ad numerum. itaque I, 4 incommensurabiles sunt
[prop. VIII].

Ergo si quattuor magnitudines, et quae sequuntur.

XIIL.

Quae eidem magnitudini commensurabilia sunt,
etiam inter se commensurabilia sunt.

Utraque enim 4, B wmagnitudini I sit commen-
surabilis. dico, etiam A, B commensurabiles esse.

nam quoniam 4, I" commensurabiles sunt, 4 : I
rationem habet, quam numerus ad numerum [prop. V].

A LT . B 8t 4:T = 4:E.
i rursus quoniam I, B
\ \E PN commensurabiles sunt,
\ Z — K I': B rationem habet,
- H : 4  4uam numerus ad nu-

merum [prop. V].

I':B = Z:H. et datis quotlibet rationibus, 4: E et
Z:H, numeri sumantur deinceps in rationibus datis,
@, K, 4 [cfr. VIII, 4], ita ut sit 4: E=@:K, Z:H
=K:A

lam quoniam est £: I'=4J:E et 4:E=0:K,
erit etiam 4:I'== @:K [V, 11]. rursus quoniam est
I''B=Z:Het Z: H=K: A4, erit etiam I':B=K: 4.

in ras. V; dldyoror £gijs F, sed corr.  dofeiow P. 18, dw 4]
1ov postea ins. F, 6 4 p. 20. 6] (a,lt) corr. ex wy V. 22,
6 4P, oval’ P. 28. o I' P. 0] tov P, B] corr.
ex 'm. 1b. 25 ovrmg] Om P. %ol g — 26 A] is F,
sed corr. 25. 6 I' P. 26. fomv P. 6] o
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76 I, oDrwg 6 @ mpog tov K- 0 leov dpa éotlv g
70 A medg ©0 B, otrwg 6 @ meog Tov 4. TO A doa
mwoog ©0 B Adyov ¥y, Ov agiduds 6 @ meds agLdudv
Tov A° evupstoov dou dorl v0 A tp B.

] Te doo T avrd pepéder ovupergn xel alifloig
éotl evuucroa’ Omep E0e Octfau.

.
'Ecv 7} dvo peyédn ovpuevga, 1o 0t Eregov
aVThY peyéPee vl d6vppsgov 1, xal vd Aowmdw
10 T avTd aevpucroov Eora
"Eorw 0vo ucyédn ovuueroe ta A, B, ©o 0 Erspov
adrdy vd A dAdp Tl 16 I dodpuetgov botm’ Aéym,
8t xal vo Aoumov v B vi I’ dovuucrody doniv.
E¢ pdp éotu ovpuergov to B v I', adda xal 16 4
15 Te B adpperodv dotw, xal v A &oa g I evpuerody
éotwv. alda xal dovuusToov® Omsg Advvarov. ovx
dpa ovpueteéy dote ©0 B vg I acdupcrgov dge.
‘Eov dga 7 0vo ueyédn oduperoa, xal té Etsg.

Afjppe.
20  Advo dodeaoiv e0dady avicwv evoslv, tive usifov
dvvaras 7 pellov tijg éldaoovog.
"Eetacay af dodeiour 0vo dviool evdeiar of AB, T,

2.6 4 moog Tov Bb. 4. doriy P. 6. odpperen] ovpu-
supra scr. m. 1 P. onsg £de dzifer] comp. P, om. Bb.  Seq.
lemma, u. app. 7. cy] of’ corr. in Ly m. rec. P, y in ras, F

" ¥, dinras. m. 1 B, ¢y’ mg. 8. §] om. V. peyédn) -yé-
gupra m. 1 P. uovyyszan sed corr.; aélmstou V. &F.
11. 6vo] mg. ye. avtm m. 1. b, 12. ullm] Frsgm BFV.

18. 76 B] om. b. o I'] eras. b. Zou Bt b 14,

& — I'] supra scr. m. rec. b.  I' 76 B P ‘15. o B,
comp, Fb, om. V. xal — avp,y,s ] supra scr. m. 1 F.
-TQoY — 16 nol] in ras. F.  16. 8meg dordy F.  17. dga] (alt.)
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uerum etiam A:I'=@: K. ex aequo igitur 4:B=@: 4
[V, 22]. itaque 4:B rationem habet, quam numerus
® ad numerum 4. itaque 4, B commensurabiles sunt
{prop. VI].

Ergo quae eidem magnitudini commensurabilia .
sunt, etiam inter se commensurabilia sunt; quod erat
demonstrandum.

XTIL

Si duae magnitudines commensurabiles sunt, et
alterutra earum magnitudini alicui incommensurabilis
est, etiam reliqua eidem incommensurabilis erit.

A— Sint duae magnitudines commen-
b ol i surabiles 4, B, et A4 alii magnitu-
Bi———————— dini I" incommensurabilis sit. dico,

etiam B, I' incommensurabiles esse.

nam si B, I’ commensurabiles sunt et etiam 4, B
commensurabiles, etiam 4, I' commensurabiles erunt
[prop. XII]. at eaedem incommensurabiles sunt; quod
fierl non potest. itaque B, I' commensurabiles non
sunt. incommensurabiles igitur.

Ergo si duse magnitudines commensurabiles sunt,
et quae sequuntur.

Lemma.

Datis duabus rectis inaequalibus inuenire, quantam
maior quadrata minorem excedat.
Sint datae duae rectae inaequales 4B, I', quarum

postea ins. B. ~ 18. 7] om. P. dodppeton F, sed corr.  xel
1a sgng] o 8% Ereqov avrow peyédes Tivl dovppeTooy 7, Kol
-:o loumov ©d adrd devupstoov Fovar’ Omee #dse dsifon V. 19,
e’ B, 20. dvigov edGady F. 21. élazrovog F.
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ov peitov E6tw n AB- Ot O sbpsiv, Tive usifov
dvvarar 7 AB vijg I

Tsypdgpdm énl tijg AB quixvxiiov ©v6 AAB, xal
elg avrd évnoudedw v I’ lony ff AAd, xal énelevybfo
% 4B. @avegov 81, 61 6981} éoTiv 1) Vo A4 B yevia,
xal Otu y AB rijg Ad, rovréor vijg I', psifov Ov-
vatar tj] AB.

Ouolwg 0t xal dvo dodaddy eddady 7 dvvaudvy
adrag sveloxeTar oUTwg.

"Ecrocay af dodeioas Vo ebBslaw af A4, 4B, xal
0dov form evgsiv Ty Svvaudvmy avtds. xelodwoav
yag, @ors by poviav meguéyaw Ty Twd Ad, AB,
xol émetevybo N AB° @avegdv madw, St 7 tag A d,
4B dvvauévy éotlv § AB' Bmep #0sc dstfo.

0’

‘Ecv tréacapeg evBsiar dvdioyov dew, 09-
vnrar 0} ) modTy vijs Osvrégag peifov 16 amo
gvpuérgov favey [pfxet], xal 5 volry vijg Te-
ragrng ueifov Ovviderar td and dvpuérgov
favty [prxee]. xal éav ) mopaTy vijs devrépag
petfov dVvnral TH dnd dovuuérpov favrf [wij-
xee], xal § voiry vig revagrng ueifov Svvicerar
t6 ano advuufrgov favei [urfxed].

"Eetwcay téeaageg svdelal avdioyov of 4, B, T, A,
g 1 A meds iy B, obrewg % I' medg v 4, xal %

1. fotm] corr. ex domw m. 2B. 3, ABA P, 4. avTd
e corr. F. n A4 len F. 6. peifov] corr. ex psifov m.
1 F. 10. of dodsiocn] om. V. of] of dodsioor «f V. 11,
z7jv] ins. postea V. éxuzlc@woay BEVDL. 13. Ante maly ins,

doru m.1F. Gumaliwb, &Gru7] Hinras. F. 14, Gmse &dse
d¢ifar] comp. P, om. Theon (BFVb). 15.:8'] dinras. F, corr. ex
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maior sit 4B. oportet igitur inuenire, quantum .4 B?
excedat I,
describatur in 4 B semicir-

4
r culus 44 B, et in eum aptetur
rectae I aequalis 44 [IV, 1],
A B et ducatur 4B. manifestum

igitur, [ A4 B rectum esse [III, 31], et 4B*= A 4*
+ 4B =TI"+ 4B [], 47].

Similiter etiam datis duabus rectis recta quadrata
iis aequalis hoc modo inuenitur.

sint datae duae rectae 44, 4B, et oporteat ree-
tam quadratam iis aequalem inuenire. ponantur enim
ita, ut angulum rectum comprehendant 4 4B, et du-
catur 4 B. rursus manifestum est, esse 4B? = A.4*
-+ 4B*[], 47]; quod erat demonstrandum.

XIV.

Si quattuor rectae proportionales sunt, et prima
quadrata secundam excedit quadrato rectae sibi commen-
surabilis, etiam tertia quadrata quartam excedet qua-
drato rectae sibi commensurabilis. et si prima quadrata
secundam excedit quadrato rectae sibi incommensura-
bilis, etiam tertia quadrata quartam excedet quadrato
rectae sibi incommensurabilis.

Sint quattuor rectae proportionales 4, B, I, d, ita
ut sit 4: B=1T": 4, et sit £ =B+ E* = 4| 72

iy’ m. rec. P, 1’ B (mg.1d"). 16, @or Vb.  17. zé] e corr. V.
18. prjxat] om, P. 19, ¢moé ziig b. 20, pixe] om. P, 21

dvvncmm V, sed corr. OU’LpEtQO‘vF et B, corr, m. 2. favtd b,
pixee] om, P 22. dvvnoyrar F. 28 ovpuézeov PF, et B,

corr. m. 2. faved b.  pyus] om. P. 24, forwoav 07 V.
26. 4] e corr. V.
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A ptv vijg B peifov dvvaede v¢ and vig E,  6¢ I'
tijs A petfov dvvaedeo T and tig Z° Adyw, Ore, site
ovuuergds ot 4 A i) E, ovpusteog éote xal % I
v Z, &lve aovppetpos dotwv 1) A vf E, dovppsreds
dore %l 6 T off Z.

’Emel pdo éotiv g § A mpds v B, ovrwg 7 I'
mog v 4, éotv dgu xel og 6 dwd tig A WEOG TO
and tijg B, ofrwg ©o amé tig I' meodg 0 dmd Tijg A.
dida td pdv amo vig A loa éorl ta dnd tév E, B,
T 0% ano vijg I’ loa éorl ta awd tév 4, Z. Eorw
doa tg o dwd védv E, B mpdg 1o dmd tijg B, o¥reg
10 and twov 4, Z medg ©o anod vig A° dieAdvre &ou
éotlv g 10 ano tijg E mog o d=d tijs B, ovrmg 10 and
vijg Z medg 10 Gnd vijg A forwv &pa xel @g n E
medg Ty B, olrws % Z medg tiv A° dvamehw &gu
dotlv g 1 B meds v E, otrwg % 4 meos v Z.
¥orv 0t xal wg 9 A mgog v B, ovrwg ) I' medg
my 4* 8 lgov doa dotlv wg %) A meds vy E, otrmg
% I mpog vy Z. elve ovv 6Upuereds éotw § A i E,
ovuusreds éore xel 4 I' ©j Z, &lve dovuuergog oty
n A tf} E, aovpuceds ot xal n I' vf Z.

’Eav doea, xal ta EEfg.

e

Ecv 0vVo peyé®n ovppcroa cvvredy, xal ro
0iov éxatépm avridv evpupetroov E6rai x&v T
Shov Evl avtdv evuusteov 1), xal va E doyig
peyédn adpucron Edrat.

Zvpnelodo yag 0vo uepé®n ovuucroe v AB, BI™

1. viig Bl corr. ex z; Bm. 1 b. I # BFb. 3. Z6zuv]
om. V. <] corr. ex ziis m. 1 P, d6ziv B. 4. Z] e corr.
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[u. lemma]. dico, siue 4, E commensurabiles sint, etiam
I', Z commensurabiles esse, siue 4, E incommensura-
biles sint, etiam I', Z incommensurabiles esse.
nam quoniam est 4:B=1I":4, erit etiam 4%: B?
=TI"*: 4*[V], 22]. uerum A4* = E"-I— B, IM't= 4472,
.. itaque E* 4 B': B = 4* | Z': 4%
1 subtrahendo igitur [V, 17] E?: B®
Z

= Z*: 4. quare etiam [V], 22] E: B
= Z:4. itaque e contrario [V, 7
coroll] B: E == A4:Z. uerum etiam
1 B P4 A:B=T":4. ex aequo igitur [V, 22]
A:E=1TI":Z. itaque sine 4, E com-
mensurabiles sunt, etiamn I, Z commensurabiles sunt,
siue 4, E incommensurabiles sunt, etiam I, Z incom-
mensurabiles sunt [prop. XIJ.
Ergo si, et quae sequuntur.

s |1

XV.

Si duae magnitudines commensurabiles componun-
tur, etiam totum utrique earum commensurabile erit;
et si totum alterutri earum commensurabile est, etiam
magnitudines ab initio positae commensurabiles erunt.

Componantur enim duae magnitudines commensura-

m.1b 6 fozww PB. 7. wel] om. V. 9. 765] corr. ex
76 m.vec. P. A]inras. m. 1 P.  locly P. 10, dotiv P.
Z,4P. 11EB]AZB r« F. B] 4 B. 1242%

B. ta F. A4]B in ras. m, 2 B, 18. omo] (alt
ins. m. 2 F. 14. Zozv — 16. 4] mg. m. 1 P. J
supra scr. m. 2 F. 17, forw P. 19, ¢lr P.  20. foni] Eam' P.

Post elze del. o b, dotiv] om. V.. 21, ovyyargog b.

domiw B, 22. doa] om. V.  Ante xal add. tégoagss £9-
feioe amlo'yov dow (o V) FV. 23. i'] e corr. PF; o' B,
mg. &', 28. ovyrelc@osay BFb. BI'] e corr. F.

i)
=
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Aéyw, v xal GAov ©o AT énxatépe tév AB, BI éor
SVUUETOOY.

‘Enel yap ovupsroe fove ve AB, BI, upergriose 0
adta péyedog. pergelrwm, xal form o 4. émsl odw
160 4 ta AB, BI pevoel, xal diov ©0 AT perenos:.
uevoet O xel t& AB, BI' ©o 4 épatx AB, BI', AT
uerpsl: avppergov dou éotl 10 AT éxarépp vdv AB, BI.

‘AAe 07 10 AT fotw avupstgov t6 4B iy
07, 0tv xel @ AB, BI' oVppuscroe éotuv.

‘Exel yao edpustod éovi ta AT, AB, ustericer 10
avre péyedog. uergelro, xal foto v A. imel odv
10 4 ta I'A, AB uevosi, xal Aowwov &ga 10 BI' pe-
Toros. uergel 0% xal 10 AB' 16 A &ga ve AB, BI
peroroe ovppsrge doa éorl ra AB, BI.

'Exv dga 0vVo peyédn, xal ta étfg.

4

5.

‘Eay 0vo ueyédn dovpucrpo ovvredf, xal
70 GAov éxatéom avrdy davuucroov é6rar xdv
10 GAov évl adrdv dovuppsroov 7, xal v £E
doyfic ueyédn devpusroa fovar.

SvyneleBo yap 0vo ueyédn aovuusrpata AB, BI'*
Aéya, 6ve xal 0dov ©0 AT éxevépm tév AB, BI dovu-
pETQoy éoTiv.

1. xel) wal w6 V. tov] e P.  Fovew b. ovppus-
Tdv éors V. 8. oty P. 8. zd] gpnus) corr. ex oy F.
7. éotiv P. 8. AT] AB, BI'P; AT el rév 4B, BI' Theon

(BFVDL). 4] 7 P, éore 8 t6 (corr extwo V) Theon (BFVb).

9. 67] supra ser. F. 10 éoviv P. AT) T'4 P, T ecorr. b;
mg. yo. AB BI'm. 1b. 12. AT FV. 13. 7d] w67 V. 14
dotly LPB 16. Post, peyédn add. evpperea ovyredy, xal 70
dlov énatéom avrdv dvyuergov Zorar V.  Post é&ijc add. om:sg
#0e0 deiker V. 16. 16" corr. ex 8’ m. rec. P, mut. in ¢’ m.
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biles 4B, BI' dico, etiam totum A4I" utrique 4B, BI"
commensurabile esse.

nam quoniam 4 B, BI" commensurabiles sunt, mag-
nitudo aliqua eas metietur. metiatur et sit 4. iam
i quoniam 4 magnitudines

AB, BI' metitur, etiam to-

tum AI' metietur. uerum
etiam 4B, BI' metitur. o igitur 4B, BI', A" me-
titur. ergo AI' utrique 4B, BI' commensurabilis est
[def. 1].

Iam vero 4I', 4B commensurabiles sint. dico,
etiam 4B, BI' commensurabiles esse.

nam quoniam AI, 4B commensurabiles sunt,
magnitudo aliqua eas metietur. metiatur et sit 4. iam
quoniam 4 magnitudines I'4, 4 B metitur, etiam reli-
quam BI" metietur. uerum etiam 4B metitur. A igi-
tur 4B, BI" metietur. itaque 4B, BI' commensura-
biles erunt.

Ergo si duae magnitudines, et quae sequuntur.

XVIL

Si duae magnitudines incommensurabiles compo-
nuntur, etiam totum utrique earum incommensurabile
est; et si totum alterutri earum incommensurabile est,
etiam magnitudines ab initio positae incommensura-
biles erunt. ,

Componantur enim duae magnitudines incommen-
surabiles 4B, BI' dico, etiam totum AI" utrique 4B,
BI" incommensurabile esse.

4 B
j——1 4

2F; o B, mg.1s". 19. odppsreov B, corr. m. 2; item lin. 20.
21, ovyuelodwoay V.  BI'] corr. ex I'B F.
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E¢ yog wij ot aodppcrpe e I'4, AB, usrorjce
o [avra] pépeBog. uergelre, & OSvvardv, xal &6t
70 A. émel odv 16 4 v& I'd, AB perget, xal Aotmodv
dga ©0 BI" pcroroel. pergel 0% xal ©6 AB' vo 4
doa 1e: AB, BI perost. cvupctoa dgo éotl vta AB, BI™
vméxewro 0 xol qovpuctoa’ Gmep fotly ddvvarow.
ovx dge 1 I'd, AB uergrjoer v uépedog” acvppsron
doa éovl va I'd, AB. buolwg 07 dslfopev, Ot xal
@ AT, I'B aovuucros éotww. 10 AT Goa ixavdop
tév AB, BI' aovuusroov éorwv.

"AdAe 0% 10 AT évi tév A B, BT devpperoov E6to.
forw 07 mooregov ve0 AB' Adyw, Ove xal va AB, BI'
aovpperpe dotv. &l yap E6taL GUpuETOH, WETENGEL
Tt avta péysdos. psreslrw, xal fotw o0 4. émel
otv 16 4 v AB, BT pergel, xal Siov Goo 16 AT
pergnoer. pevgel 0% xal 10 AB* 16 A dpo ta ', AB
uerQel. ovupctoa doa éotl ve I'A, AB* vnéxeivo 0% xal
aovpusron Omep fotly ddvvarov. ovx dga ta AB,BI
uergnoes T péyedogt aovupston doa éotl ta AB, BT

'Eav dga dvo ueyédn, xal ta éEis.

Aijupo.
’Ecv magd twe sbdsiav magafindy mapaiinii-
yoouuov Elieimov elder tergaydve, To magafindiv

1. téd] 76 P. 2. avrd] om. P. 4. AB] B4 V. 5.
lotiv LP.” 6. dmoxewwzew LBb.  d0dwazdy fomw V. 8.
dotfv LP. 9. Ante 4I'del. ' m. 1 P,  o¢dpperee B, corr.
m, 2. Zon V, comp. Fb. TI'4 F. 10. forw] om. B. 11
fot0] om. P.  12. #6100 07} modTegor] nal medtov Theon (BF V).

'u}]] e corr. V., 13. Zotas] éort V.  odpusreal supra scr.
¢- m. 1F. 17, dotl] dovty P, comp, F, fover LBVb. omé-
xevro K. 19. 401ty LP. Post BI" add. dpolws 87 dsey-

 @rjoeran, ot 0 AT wol doing v$ BI' doduperedy éorw FVb,

Y
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nam si I'4, 4 B incommensurabiles non sunt, mag-
nitudo aliqua eas metietur. metiatur, si fieri potest,
4 . et sit 4 iam quoniam 4 magpitudines I'4,
Jd AB metitur, etiam reliquam BI" metietur.

verum etiam 4B metitur. 4 igitur 4B, BI'

metitur. itaque 4 B, BI" commensurabiles sunt.
TB supposuimus autem, easdem incommensurabiles
esse; quod fieri non potest. itaque nulla magni-
tudo I'4, 4B metietur, ergo I'4, 4B incom-
mensurabiles erunt. similiter demonstrabimus,
etiam AI', I'B incommensurabiles esse. ergo AT
utrique 4B, BI' incommensurabilis est.

Tam uero AT alterutri 4B, BI' incommensurabilis
sit. sit prius magnitudini 4 B incommensurabilis. dico,
~etiam 4B, BI' incommensurabiles esse. nam si com-
mensurabiles sunt, magnitudo aliqua eas metietur.
metiatur et sit 4. iam quoniam 4 magnitudines 4B,
BI' metitur, etiam totum AI" metietur. verum etiam
AB metitur. o igitur I'4, 4B metitur. itaque I'4,
A B commensurabiles sunt. supposuimus autem, easdem
incommensurabiles esse; quod fieri non potest. itaque
nulla magnitudo 4B, BI" metietur. itaque 4B, BI'
incommensurabiles sunt.

Ergo si duae magnitudines, et quae sequuntur.

-r

Lemma.
Si rectae alicui parallelogrammum adplicatur figura
quadrata deficiens, adplicatum spatium rectangulo par-
tium rectae adplicatione ortarum aequale est.

28. TeTQUywym] COTr. ex moguAinloyedppe m. rec. b. 0]
o F. 70 woeeflndév] om. b
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loov dotl v Uwd tév €x tijg mapafoins pevoudvev
tunudtov Tig evdelag.
Hepe pop e0dsiav Ty AB magafefiioda magal-
AnAdyoaupov 16 A 4 Aetmov eldel rerpaydve to) A B
5 Aéyw, Sze loov dotl v0 A © vmo vév AT, I'B.
Kal oty atnddev pavegov: émel yoo teroayoviv
éote 10 A B, lon éotlv 1) AT vfj T'B, xal éove ©6 A4
10 Um0 rav AT, I'4, vovréer: vo vnd rov AT, I'B.
’Eov dga magd Tive svdelav, xal va &Efg.

10 if.

'Eqv d61 0¥0 e0dslar &vidol, T6 0% Terdpro
uépeL tov amd tijg éAdedovog lGov maga Tyv
uelove wagafindy éAdsimov eldeL tergaydva
xol elg CVUpETQA avTNY Sravef wiixel, n peifoy

16 tij¢ éAadoovog pelfov Svwiosral ¢ &mO cvu-
puéroov éavrf [unxer). xal éav 7 pellov vig
dhaodovos peifov dvwyTar td amd ovupérgov
favty [unfxe], v 0t tevdoro Tod and tijc éAdo-
6ovog loov mage tv petiova mapafindy éAdsi-

20 mov &ldes terQaydvo, &ls oVppETQR avTNY
dratpel urixes.

*Eerwday 0vo eddeton dvidos af A, BT, dv peltow
7 BT, tg 0t tevdorp péper tob dmd vijg éAdodovog
tiig A, Tovtéore @ dmd tig nuwosleg viig A, loov

25 maga Ty BIT negafefiriodo dAdsimov elde rergaymve,

8. 10 A4 magallyloyeauuoy Theon (BF VDb, ante 44 eras.
'd F). 4. reroayave] corr. ex naqauqloy@épuqa m. rec. b.
4By BAFb, 6. fortv LB, 5] w6 F. AT] corr. ex
'dm. 1b. TI'Blrecor. V. 17 duv LB. IB] BI
BV. édouv LPB. 8. I'd] AP, decorr. V. tovrécre — I'B]
m. 2V, tovtéorw LPBYV. 9. Post #d8elay add. mega-
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Rectae enim 4B parallelogram-
| mum adplicetur 4 4 figura quadrata
l A B deficiens. dico, esse
4 r s Ad=AT'><TIB.
et per se patet; nam quoniam 4B quadratum est, erit
Al =TB. et Ad = ATl <X TI'd = AT < I'B.
Ergo si rectae alicui, et quae sequuntur.

XVIL

Si duae rectae inaequales datae sunt, et- quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
longitudine commensurabiles diuidat, maior quadrata
minorem excedet quadrato rectae sibi commensurabilis.
et si maior quadrata minorem excedit quadrato rectae
sibi commensurabilis, et spatium quartae parti qua-
drati minoris aequale maiori adplicatur figura quadrata
deficiens, eam in partes longitudine commensurabiles
diuidet.

Sint duae rectae inaequales 4, BI', quarum maior
sit BI, et quartae parti quadrati minoris 4, hoc est
(4 4)% aequale spatium rectae BI adplicetur figura

1.1)01] naqaunlquaupov V. Post £Efig add. =ie noomasmc
Fm2 10 o Fm 2.4 B mg .. 11 aow P.

12 élanovog F. 13 1:srquymvm] in ras. m. 1 h. 14.
ynnn F. 15 fldrrovog F.  ovppérew F.  16. wixe] om. P.
v F. %] 7% b, etF, sed corr. 17. élerroves F. peigor]
mg. m. 2 F, p.elgawa b. 18, unqxner] om. P. Post zetdern
add. péese b, F m. 2. élaﬂovog F. 20. efg] in ras. V,
corr. ex &/ m. rec. b, avtij V, sed corr. 21, Susdsi B, dzsln
Vb et corr. in duedei F. uixn F. 22 peifor b, ystfrov

foto F. , 23. éidrrovog F. 24. ‘tﬂg] 1: F. rovréonv P.
7] ©6 F, et V, sedcorr. m. 1. zod 4 B; =i} 4 V, sed corr.
Euclides, edd. Heiberg et Menge. ITI. 4
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xel é0tw vo vmo tédv Bd, AT, evuuergog 0% éorw 4
B4 1 AT piner Aéyo, 6ve 9 BI tijg A pesitov
dvvarer 16 amd Guppéroov favry.

Teruedw pao 1 BI' 8iya xata ©o E eyueiov, xal
xelodw tij AE lon n EZ. Aoumy dga 7 AT lon éorl
vii BZ. xal énel eddele m BI' vérunron &g pdv iow
xate v0 E, sl 0% avioe xave td A, 16 dpa vmod B A,
AT msgueyduevov Spdoyaviov uera rov amd tig EA
rergaywvov loov dotl v dmd vig EI wergaysve’
xal Ta rergamiacia TO dgo TETQAxnig VMO v B A, AT
pere Tov verpamiasiov tob amd g AE idov fori 16
rergaxig and vijg EI terpaydve. adda vé udv vevpa-
nAeoip vov vmd tov Bd, AI' lsov éoti o dmd tijg
A rergdyavov, i 0t vevgamdadlp tov amwd tiig 4E
loov Zotl v amd vijg AZ tevoaywvov' dimAaciov ypdg
dovw 1 AZ vijg AE. 16 0} tevgamdacip vov amo
tiig¢ EI ioov éotl 10 ano vijs BI rerpdyovov: dimie-
olwv ydg éov. medw §) BI vig T'E. ta dga amd tow
A, AZ rerpayove loe éotl vg axo vig BI” terpaywve”
@ote vo ano vijig BI' vod dmo vijg A peifdy éor v
and vijg AZ' 7 BT dga tijg A peitov ddvarer v AZ.
dauxzéov, O1e nal qpustedg éovww 1) BI o AZ. émsl
yoQ ovuueredg ot v Bd vij AT pijxe, ovpuergog
dpo dotl xal % BI tvj I'd pijxer. adda 4 I'd vaig
I'4, BZ dovu evpucrgog wixe lon pde éomwv 1 I'd
vij BZ. xal % BI' dga ovpuergds éovs talg BZ, I'd
pixee' @ove xol Aowwij vij ZA evpperedg ety 7 BT

L. 4L] Tinras. F. 3. Post favej add. pojuec Vb, F
m. 2. 5. AI‘% corr. ex BI'm. rec. b, feziv P, 7. Smo
tov BFV, 9 édotiy P, 10. z¢] m. 2 V. 1d] v¢ B. B4}
in ras. m. 1 P. 11, zergoxig Theon (BFVbL).  7od] om.
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4 quadrata deficiens, et sit B4 >< 4I'
e [u. lemma), et B4, 4T longitudine
LL_i_—E—Z‘F commensurabiles sint. dico, BI™
excedere A® quadrato rectae sibi
commensurabilis.
nam BI'in puncto E in dvas partes aequales se-
cetur, et ponatur EZ = AE. itaque J4I'= BZ. et
quoniam recta BI' in E in partes aequales secta est,
in 4 autem in inaequales, erit {II, 5]
BA > AI'4 E4*=ETI®
et quadrupla eodem modo; quare
4BAa4< Al + 4 dE* =4 EI™.
nerum A2 = 4BA > A, AZ? = 4 AE® (pam
A2 =24E), BI'*=4 EI'"® (nam rursus BI'=2TE).
itaque
A+ 4722 = BI'?
quare BI® excedit 4® quadrato 4Z*% demonstrandum,
BI, 4Z commensurabiles esse. nam quoniam B,
AT longitudine commensurabiles sunt, BI" et I'd
longitudine commensurabiles sunt [prop. XV]. uerum
I'4 rectis 4, BZ longitudine commensurabilis est;
nam I'd = BZ. quare etiam BI rectis BZ, I' 4 longi-
tudine commensurabilis est [prop. XII]. quare BI"etiam

Theon (BFVb). EdJ FVb. e BF. 12, TEF. szerpe-
ndaclp vov] tevednis Theon (BFVbh). 13.tév] om. b, 14, &)
postea ins. F.  zerpdnig, om. rov, Theon (BF Vb). 16. 7e-
toadyovvoy P, corr. m. 1. 18. Z4 P,  teredms, om. tod,
Theon (BF VD). 18. 'E] Er' V. 19. 4, 4Z] e corr. V.

tetgaydve) []° supra scr. m. 1 V. 20. Post dors ras. 2
litt. V. 21 zj] corr.exto8 F. Zda P. 22.Z4P. 23
Zez: P, corr. m. 2. 24, il F. 25. ZB F. 26. zaig BZ,
4 ot ovppergos Theon (BFVD).  Zomw P. 27. wijxet]
7 in ras. m. 1 P. BI'l n ras. V

4*
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wixer: 1 BI &pa vijg A psifov dvverar vd dnd ovp-
uérgov équry.

‘AAa 0y % BI' mjg A ueifov dvveodw 1o and
cvppérgov foevrfj, vg 0 terdgre Tov dmd g A ldov
nope vy BI magafefiicde éldsimov elde tevooydve,
xel Eotw 10 Umd 1ov Bd, AT. daxvéov, Or. 6vu-
uergds dotiv §) BA vfj AT prxet.

Tev pag avtedv xeredxsvacdévray opoing detousy,
ote v BI vijg A peifov dvvarar v amd vig Zd.
dvvarar 0% % BI ©ijg A petfov ©d axd evuuérov
fovrf]. @vppergog doa fovlv 9§ BI vy Z A wixe
wore xel Aowwf] cvveuporépp v BZ, AT evupsredg
dovwv 1) BI uiner. dAde evvaugpdregog % BZ, AT
avuperpog ot vf) AT [uijxer). dove xal 7 BI' vj I'a
oUpuetpog ote umxer xal Oiedovee dea v B v AT
d6TL oVpueTgog uixEL.

Eqv dga @6 0¥o evdelar dvidol, xel ro EEdg.

oy

'Eav dau 8vYo ed®siar &vidor, 16 0 terdore
péeer Tov axmd tig éldccovog lGov maga TRV
pelfova magaPAndy éAdeimor eldel Terpaywva,
xalelgacvppsroaadrny diacef [urfxei],nueliav
tig éAaodovog ueifov dvvijcerar TH dmo advu-

2. Post favrj add. urjuee V. 4. 7ov] in ras. V. 8,
opolog 8 V.  dslfouev] dsi- corr. ex 8y- F. 9. Post Zo
del. m. 2: ovrw yog vmonetzen V. 10, peifoy zijg A P. 11,
fovriiec P. 12 xel] m. 2 F.  ovvopgotéen] -0 e corr. V.

7] corr.extp F. 14, vfj AT ovppereds dom Theon (BF Vb;
tf] AT postea ins. F). pwsxer] om. P. Dein add. Theon: fog
yoo oty Z} BZ tfj AT (BFVb; 3 corr. in z7ig m. 2 F, zijg b;
I'dF). a6ze] om. Theon (BFVY). BT dea Theon (BF Vb).



' ELEMENTORUM LIBER X. 53

reliquae Z A longitudine commensurabilis est. ergo BI'®
excedit 4® quadrato rectae sibi commensurabilis.

Jam uvero BI'™ excedat 42 quadrato rectae sibi com-
mensurabilis, et quartae parti quadrati 42 aequale
rectae BI" adplicetur spatium figura quadrate deficiens,
et sit B4 >< AT [u. lemma]. demonstrandum, B4,
AT longitudine commensurabiles esse. .

nam iisdem comparatis similiter demonstrabimus,
esse BI = A*+ ZA*. BI' autem quadrato rectae sibi
commensurabilis excedit quadratum 4. itaque BI', Z 4
longitudine commensurabiles sunt. quare BI” etiam re-
liquae BZ -+ 4 I'longitudine commensurabilis est [prop.
XV]. vernm BZ + AT rectae 4I" commensurabilis est
[prop. VI]. quare etiam BT, I'4 longitudine commen-
surabiles sunt [prop. XII]. itaque etiam dirimendo
B4, AT longitudine commensurabiles sunt.

Ergo si duae rectae inaequales datae sunt, et quae
sequantur.

XVII

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
incommensurabiles diuidat, maior quadrata minorem
excedet quadrato rectae sibi incommensurabilis. et si
maior quadrata minorem excedit quadrato rectae sibi

avpueteds ot tf I'd Theon (BFVb; 4I' V).  15. pyjmee-
xal{] om, Theon (BFVD). 17, xal ta éE7g] o 8% rerdere
wéoeL Tot dmo tije éldacovog Loy mags vy pelfova mapafindy
+ éAdeimo elde Tatpaydvm, nal o £Eijc: Omee £dee deifar QV .
# B, uf mg. 19. doww B. 20, éldrroves F. 22, wijmed]
om. P, uijun F. 28, didrrovog F. w6 F.  ovpuérgov F
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uérgov éavty. xal dav g pelfov tig éAadsovog
peifov dvvnTaL TG and doVvUUETQov Ea v, TH OF
TETH QT TOU a®d Tig éAdosovog [oov maga TRV
pellova magafindf éAdeimor elder TeTtpaydve,
el agvppeToe avTyy draigel [urre).

"Eotwcay 0vo evdsion dvisos ol A, BI, dv usltov

M BT, ©@ 0% zevagro [uépe] Tov amod g éAadoovog

tijs A loov moga tiv BI mogafefiijode ‘flisimov
elder Tergoywve, xal 6t vo Umd vév BAI, dovu-
uergog 0% dotw 3 BA tfj AT pijue: Aéym, ove 7y BI'
vijg A peifov dvverar TH and dovpuérgov favrd.

Tdv peg altov xatadxevaddéviov to meoTegov
ouolmg delkopev, ove 1) BI vijg A psifov dvverar vdh
and viig ZAd. Odeutéov [odv], O devpustodg éotiv
7 BI' tfj AZ pixe. émel yeo aocvuuetpds foriv 7
Bd tjj AT winer, aovuucrgog doa fovi xal 7y BIT
tij I'd wixer. dAde 9 A ovpucteds éotL ovvau-
gotépoug taly BZ, AT xal 5 BI' Ggo dovuucteds
éove ovvaugorépaig tals BZ, AT. dove xal Aouwfj ©r
Z 4 acvpuergds foviv v BT uvjxer. xal 7 BT vijg A
petfov Ovvarar v amo wijg ZA' n BI' doa tig A
peifor dvvaras T dmo covuuérgov éavri.

dvvaodo Oy madw 3 BI vig A ueibov vé amd
aovpuitgov favrf], Td 0F tevdgre ToU dwo Tis A ldov
nage vy BI negafefiiodm dAAsimov slde vetgpaywve,

1. xel — 2. favrg] om. b, 1. peifov V, sed corr. Eloe-
tovog F. 2. dvy.y.érpov F, et B, corr. m. 2. 8. élarrovos F.
5. dwumi) ¢ P. pmuu] om. P, wixn F. 7. dotiv § F. péeed]
mg, z09) zd F. éldrroveg F. 8. wijg] tf F. 9.
BTrdb; Bd, AT V (4T in ras), F, P m. rec. 11, ovp- |
pétgov B corr. m. rec. 12 z¢] m. rec. B; ¢ P, corr. m. 2.
mgotéow F.  14. 4Z V. ofv] om. P.  8m xal P. 15,
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incommensurabilis, et spatium quartae parti quadrati

minoris aequale maiori adplicatur figura quadrata de-
ficiens, eam in partes incommensurabiles diuidit.

Sint duae rectae inaequales 4, BI', qua-

rum maior sit BI, quartae autem parti qua-

iz |4 drati minoris 4 aequale spatium rectae BI"

~  adplicetur figura quadrata deficiens, et sit

-B -

I BA><ATI [u. lemma p. 46], et B4, 4T lon-

14 gitudine incommensurabiles sint. dico, BI™

i excedere 4® quadrato rectae sibi incommen-
surabilis.

iisdem enim, quae in priore propositione, compa-
ratis similiter demonstrabimus, esse BI'™ = A* |- Z 42,
demonstrandum, BI', 4Z longitudine incommensura-
biles esse. nam quoniam B4, 4T longitudine incom-
mensurabiles sunt, etiam BI, I longitudine incom-
mensurabiles sunt [prop. XVI]. uerum AI' rectae
BZ+ AT commensurabilis est [prop. VI]. quare etiam
BI rectae BZ 4 AI' incommensurabilis est [prop.
XIII]. itaque BI etiam reliquae Z 4 longitudine in-
commensurabilis est [prop. XVI}; et BI" =424 Z 4°.
ergo BI' excedit 4* quadrato rectae sibi incommen-
surabilis.

Iam rursus BI™ excedat 4® quadrato rectae sibi
incommensurabilis, et spatium aequale !/, 4 rectae BI"
adplicetur figura quadrata deficiens, et sit B4 >< AT

Z4 B, 16. pine] om. Vb, m. 2 B, &ea] om. V. dozlv P,

comp. F. xef] m. 2 F. 17. I'd] inras, F. ¢X’ F. 9]

supra scr. m. 1 V. aovupsreog F.” 18, wal — 19. 4] m.

2B. 20.24] "4’ZF. BI] (prius) 'BV. 21. BI|

B in ras. m. 1 B. 22, gvupérgov B, corr. m. 2; item lin, 24.
24. zov] 16 F.
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xel dotm 10 Vwo tév BA, AT. danvéov, Ote dovu-
ustodg doviv ) BA vy AT winer.
Tov yag atrodv xeradrsvaddiviay 6uolog delfopsr,
6r v BI tijg A petfov ddvaron 16 émd vijg Z 4. dAde
5 BI tig A peifov Svvarar v amd dovuppéreov
éavtj. aevupergog dpa éotiv ) BI vf) Z A wixe dove
xal Aouxi; ovvapgorépe ti] BZ, 4T aovuuergog éotiy
% BI. éAia ovvaugéregog 1) BZ, AT 1ij A" 6vu-
uergds dote prpxest xol ) B dge tfj AI' dovupsrods
10 dove wijxer' @ove xal Sisddvre ) BA tf) AT devups-
190g €6TL pajxes.
Eav dge @oL 0vo &bdslon, xal o &g

Aijp pe.

‘Emsl 8é0einrar, Ove ol wijxe ovpuergor mavros xeal

156 dvvdus, [slol ovppstoor], af 0% Suvvdpsr oY mdvreg
wol wixe, adde 8y Ovvevrer uixee xal ovuuergor
slvar xal devuuergor, Qavegdv, Oti, fav T fuxer-
uévy onri] 6Vuupsteds Tig  wixs, Adysven gnry xel
ovuueTgoy vty o udvov wijxer, arde xal dvvduer,
20 émel af pnxe 6’6[&118190& TOVT®OG xal dvvdper. dov O
1771 éxxeme’vn onrii dvy,y,s'tgog TS Y 8vvayu, &l y.%v
xal psuse, Aéyevar xal obrog énry xal OUURETPOG avTH

1 4ATlm.2B. 2.9 dBdovw F, 4. 4Z V. aa?

5, owp;szpov F, corr. m. 2. 6. fovriig P, corr. m. 1,
acvyysrqa coor.m. 1. A4ZV. 8 tj AI') m. 2 F.
mwmurpocF sed corr. 9. écmvP xef]om. P, xel— 10,
piines) g F.o 10 Ante dGavs del. rl BI' ¢ga 7 4 m. 1 P,
12. mo‘w B. Post eddeion add. amo‘ot, T O tetcigro uépet
toi amd tig éldcoovog loov mago zma pelfove napaﬂlnw V.
18. lnmm] om. PBb.  14. éxsl 8¢ V. 15. slal ovuusteor]
om. P.  ov wuustem ot P. 16, alle — pinei] mg.m. 1P,
07)] Oniedy BV b, 8% dnledy, del. 84, F.  xal wijner BFVD,
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demonstrandum, B4 et 4I" longitudine incommensu-
rabiles esse.

iisdem enim comparatis similiter demonstrabimus,
esse BI"™ = 4* 4 Z 4. BI® autem 4® excedit qua-
drato rectae sibi incommensurabilis, itaque BI', Z 4
longitudine incommensurabiles sunt. quare BI etiam
reliquae BZ 4 4TI incommensurabilis est [prop. XVI].
uerum B Z - AT rectae AI” longitudine commensura-
bilis est [prop. VI]. quare etiam BI rectae 4I" longi-
tudine incommensurabilis est [prop. X1II). itaque etiam
dirimendo B4 et 4I longitudine incommensurabiles
sunt [prop. XVI].

Ergo si duae rectae, et quae sequuntur.

Lemma.

Quoniam demonstratum est [prop. IX coroll.], rectas
longitudine commensurabiles semper etiam potentia
commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine, sed posse
longitudine tum commensurabiles esse tum incommen-
surabiles, adparet, si recta aliqua rationali propositae
longitudine commensurabilis sit, eam rationalem eique
commensurabilem uocari non modo longitudine, sed
etiam potentia, quoniam rectae longitudine commen-
surabiles semper etiam potentia commensurabiles sunt;
sin recta rationali propositae potentia commensura-
bilis sit, si etiam longitudine sit commensurabilis,
eam sic quoque rationalem eique longitudine et potentia
commensurabilem uocari; sin rursus recta rationali

19. ety F.  20. xel «f] af yop Theon (BFVDL),  22.
xaf] (alt) m, 2 B. avty F.
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urxee xol Ovveps: & Ot tf dxxewudvy madw $nry

GVupETEOs Tig 0vGn duvdpsL pixEL aUT] 7 GOUEEETQOS,

Adyevou xal ovrmg ¢nry Ovvdust udvov CURUETQOS.
I8

To Omé fnrodv pixel Svpuéromy xatd Tiva
TOV WPosLEYUEVvOY TQOTRY eVdsLdY megreyd-
pevov dedoyadviov ¢nrov é6Tiv.

‘Tro yap gyrdv unxer ovuuiTgy OdadY TOV
AB, BI (gdoyaviov megieyéodo ©0 A" Adywm, ote
gnrdv dovi vo AT

‘Avaysypdepdwm yeg and tis AB vergdywvov 10 A"
gnrov doe éovl 10 AA. xal émel ovuuctdg doriv 4
AB t} BI" wijxs, lon 0¢ éotwv 7 AB vij BA, avu-
petgog Gga éotlv v BA fj BI wifxe. xel Zotv ag
% B4 mdg vijv BT, otrwg ©0 44 mgog ©0 AT ovy-
uergov &g fotl 10 A 16 AL, nrov 0% vo 44°
¢nrvov dpa dovl xel vo AT

To dga vmd fqrev pnust Svpuéromv, xel to &Efg.

4

.
Eav §n1ov mage dnryyv magafindi, xidrog
movsi fnTHv xel 6vpusroov T, WaQ NV wWaQd-
nELTOL, WA%EL

2, oved tig FV. duvdpei] -0 e corr., seq. spat. 2 litt. F.
adrf ] 1 adei BEb, 4 V. 3. oftag] comp. ecorr. F.  udvor]
comp, mg. V (euan.). Seq. alt. lemma, u. app. 4. 18] sic F,
sed infra «'; mg. wuijpa B’ Fb, b5, wiixee — 6. mpo-] in ras.
m. 2 B. 5. edde1dy naree Theon (BF VD). 6. 7pémor? V. &0-
#ady] om. Theon (BFVb). 8. sd8esdy tav] in ras. V. 12.
16 Ad doua §rrov éomv F. 18. 4B] (alt.) B4B. Bd] 4B in
ras. P, B4 in ras. B, ovuusrgog — 14, BI'] om. B; mg.
m, 2: fon lin. 13 — prjxer lin. 14, ut nos.  16. ofro V. 70]
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propositae commensurabilis potentia, eadem longitu-
dine ei incommensurabilis sit, sic quoque eam ratio-
palem uocari potentia tantum commensurabilem.

XIX.

Rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus secundum aliquem
modorum, quos diximus [u. lemma], rationale est.

Rectis enim rationalibus longitudine commensura-
bilibus 4B, BI' rectangulum comprehendatur AT
dico, AI rationale ease.
¥ nam in 4B construatur quadratum
Ad. itaque A4 rationale est [def. 4].

.\ ? et quoniam 4B, BI' longitudine com-
A——— B mensurabiles sunt, et 4B==B4, B4
et BI longitudine commensurabiles sunt. et B4 : BI'=
AdA4: AL [V1, 1]. itaque 44, A" commensurabilia
sunt [prop. XI]. uerum A 4 rationale est. itaque etiam
AT rationale est [def. 4].

Ergo rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus, et quae sequuntur.

XX.
Si spatium rationale rectae rationali 'adplicatur,
latitudinem rationalem facit et ei longitudine} commen-
surabilem, cui adplicatum est.

&alt.) corr. ex =j» m. rec. P. 4I'] e corr. P.  16. doziv P,
otl xel V. 1w0] zé b. AAF. 17 éotdy P, om. FV. 18,
piinee ovpuétoorv] om. BVhb. Ante xaf add. eo@ecoy F.  xel
ta £Eng] om. PV, 19. «'] seq. ras. 1 litt. B, o’ F. 2L
noiel] -ef e corr. m. 1 F. 7jj ) corr. ex =+ m. rec. b.
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‘Pprov yag o AL mage neiy xevd twe wmalw
TGV mposipnuévay teémav Ty AB mapafeplicde
nAdrog mowodv v BI™ Adym, 8t gnre) édevev § BT
xal ovuuergog tfj BA pijxer.

‘Avaysygapdo yag dnd tig A Brerpdyovor 6 44"
gnrov &g dotl vo AA. Gyrov 0% xal v6 A ovy-
uctoov doa éotl 10 AA td AL  xal d6tiv ag ©o
A4 A4 ngdg 16 AT, otteg 7 4B meog v BI'. evpu-
usTgog doa éotl xel § 4B iy BI'* loq o0t v 4B
B A" ovpustoog doe xal § AB zjj BI. gy 04 éoruy
n AB: {nry dgo éorl xel § BI' xal evpuergog T3
AB winet.

’Eav tga ¢nrov maga gnryw nepafindi, xal ve Ejg.

ol

To vxd ¢nrev dvvapet udvov cvuuéreav ev-
Deiov megueydpevor dpdoywviov GAoyov éeTiy,
xal § dvvapévy avro &Aoydg éoTiv, nalsiche
0t uéon. '

‘Tro pag ¢nrov dvvduse uévov evuuiteny svdsidy
tév AB, BI' opdoyaviov megueyéadm 1o A Adyw,
8ve ahoyov éove ©o AT, xal 3 Svvaudvy edrd dAoydg
dorwv, nadslodw OF pion. ‘

‘Avaysygdpdm pag and tijs AB rergdymvov 1o 44"
¢nrov dpo dotl 0 AA. xel émel aevuuereds ZoTiv

1. ¢nriw iy AB V. 2. elonuéveoy Theon (BF VD). i»

ABlom. V. 8 mdodw P. 4 ABP. 5. AB] corr. ex
AT'm, 2 F. 6. doetv P. AT T4AF. 1 dcttv P. 44
A4V, 8. 77ijv] om. BFDb. 9. oztv P. 4 B] (alt.) post
ras. V, B4 F. " 10. B4 4ecorr. m. 1 P. e — 2] in
ras. m. 1 P, 12. B4 BVb. 18. év F. nagx ¢nrijr]
om. F. nagafindi] om. P. Seq. lemma, u. app. 14.
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Rationale enim spatium AI" rectae 4B rationali
rursus secundum aliquem modorum, quos diximus
[u.lemma p.56], adplicetur latitudinem faciens BI. dico,
BI rationalem esse et rectae B.4 longitudine commen-
surabilem.

construatur enim in 4B quadratum 44. 44 igi-
tur rationale est [def. 4]. uerum etiam AI rationale

4 est. itaque 4.4, AI" commensurabilia sunt.
et-4A:AC=AB:BI" [V],1). itaque 4B,
Blew— 4 BI' commensurabiles sunt [prop. XI]. ue-

" rum 4B—=BA. itaque etiam 4B, BI' com-
mensurabiles sunt. sed 4B rationalis est.
itaque etiam BI rationalis est et rectae
AB longitudine commensurabilis [def. 3].

Ergo si spatium rationale rectae rationali adpli-
catur, et quae sequuntur.

r

XXIL

Rectangulum rectis rationalibus potentia tantum
commensurabilibus comprehensum irrationale est, et
recta ei aequalis quadrata irrationalis est, uocetur
autem media.

Rectis enim rationalibus et potentia tantum com-
mensurabilibus 4B, BI' rectangulum 4T comprehen-
datur. dico, rectangulum 4 I'irrationale esse, et rectam ei
aequalem quadratam irrationalem; uocetur autem media.

nam in 4B quadratum construatur A44. itaque
A 4 rationale est [def, 4]. et quoniam 4B, BI longi-

xe’] « in ras. m, 1 B, xf’ F et sic deinceps.  16. Post gnrav
add. dJ0 B. 16. éozc PBV, comp. Fb. 17, 6ce BV, comp.
Fb, forae P, 22, d6u PBV, comp. Fb.
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7 AB 5} BI pixec: dvvduss pog udvov vmoxswrar
ovuucrgor: iony 0t § AB tj) Bd, acvuucrgos doa
éotl nol v AB tfj BI' pixer. xai doriv g v 4B
npos v BI, ovtwg ©0 A4 mgog v60 A" devupue-
Toov doa [borl] 10 A4 16 AL Gyrov 0 ©o AA4-
dhoyov dga éorl 16 A" dere nal 7 Svvaudvy o
AL [rovréoriy 3 l6ov avrd terpoymvov dvvaepsvyl
&Aoyls dotwv, xodslodw O0F uéon: Owse &0 deifar.

Afjupe.

'Eev dor 0vo evdelan, éoniv dg 1 mewty meodg THY
devtépay, oUTwg 1O 4TS THG WEWTNG WPOS TO VWO THV
dvo Vdadv.

forweoy dvo svdeion of ZE, EH. Adyw, 31 éotiv
og 7 ZE medg vy EH, ottwg ©0 and vijg ZE medg
©0 v tav ZE, EH. '

avayeygigde yag awd vis ZE rsrpdyovov 1o AZ,
xel ovumeningwodm 1o HA. énsl odv dovwv g 4 ZE
neds vqv EH, ovrwg 10 Z 4 meog v60 AH, xal dote
70 udv Zd 1o and viig ZE, 10 0t 4H vo U rov
A4E, EH, vovréor. vo vmé rov ZE, EH, ot doa
g 7 ZE mgog v EH, otrwg 10 axo tijs ZE mpog
©6 Um0 vav ZE, EH. ouolwg 0% xal odg ©o vmod TV

1. BI'] 'BV. yde] comp. F, supra scr. 0. 8. Zotiv B,
4B) (alt)) B4 P. 4. AT'] corr.ex AB m. rec. P. 5. éorly
B,om P. A4 FV. Ad4F. 6. decivP. 1. 4] supra scr.
m. 2 V. 8, 4oru PV, comp. Fb.  Ante omee add. P:
i 70 (mg. m. 1) Ty ooy o?vaygd(povmxv retpdyovoy 16 A
z00lo, Ty nadsi péony, péony avoloyov slvar tdv AB, BT;
eodem loco Theon: dia 0 76 da’ adzis Terguymvoy loov elvar
% omo ziv AB, B nal péony dwdloyoy aveny ylyvesor (yi-
vecBor BV) tav 4B, B’ (BF VD). 9. ifjupe y V (cfr. app.).
10. dowv B.  a@g)] 8% aig F. ~ 11. mgdg) supra ser. m. 1 F.
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d————  tudine incommensurabiles sunt (supposuimus
enim, eas potentia tantum commensurabiles
B 4 esse), et AB=BA, etiam 4B, BI longi-

tudine incommensurabiles sunt. et 4B:BI"
=Ad4: 4T [VI 1]. itaque 44, AT in-
commensurabilia sunt [prop. XI]. verum 4 4
r— ! rationale est; quare A4 I irrationale est
[def. 4]. itaque etiam recta spatio 4I" aequalis qua-
drata!) irrationalis est [def. 4]; uocetur autem media;
quod erat demonstrandum.

Lemma.

Datis duabus rectis est ut prima ad secundam,
ita quadratum primae ad rectangulum duarum illarum
rectarum.

Datae sint duae rectue ZE, EH. dico, esse

ZE:EH=ZE*:ZE>x< EH.
z E H describatur enim in ZE quadratum
’ AZ, et expleatur HA. iam quo-
| niam est ZE:EH = Zd4: dH
4 [VI,1],et Z4d = ZE® 4H = AJE
*>< EH =ZE> EH, erit
ZE:EH=ZE*:ZE>< EH.

1) Uerba tovréomv — dwvvapévn lin. 7, quae mhll ex-
plicant, subditicia habeo (pro dvyvapéyy Augustus coni. dvayea-
govoa). quae adiiciuntur lin. 8 (u, not. erit.) in P apertissime
scholiastae sunt (xalsi); quare etiam additamentum simile codd.
Theoninorum ipsi Theoni, non Euclidi tribuendum est.

omd] corr. ex ¢wd Fb. 14. meds — ZE] mg. m.2B. EH]

HE F. 17, 1] corr. ex viig F.  18. zjjw] om. b. fomww P.
19. 70 dmwd — 20. rovrésti] supra scr. F.  20. rovréstw P.
22. xel dg] ins. m. 2 F.
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HE, EZ ngog 0 and vijs EZ, tovtéony wg 10 HA
7og 10 Z 4, ovrwg 7 HE mgog vy EZ' omép éda
dsitar.

%

To amd uéons mage ¢nryv wagafaridpsvor
widrog morel $nrnv xal aovuusroov T, meg
NV WaQaxneLToAL, WIXEL

"Eote uéon utv 5 A, ¢ney 08 § I'B, xal ©6 axo
tijg A loov mape tyv BI nagafefiodo ywelov d9do-
yoviov 10 B4 miarog mowovy v I'd* Aéym, 8t §nry)
govwv 1 I'd el dovppergog vfj I'B uijnse.

’Exel yag uéon éotlv 5 A, dvvarer yweiov megi-
sybuevoy UVmd Qnrdv Ovvdus. wovov cvpufTewY.
dvvdedew 10 HZ. dvveror 6% xal 10 BA* loov dga
doti 16 Bd v¢ HZ. ¥orv 0% avre xel loysviov:
tov 0% loov te xal (dopoviev magelinloygoaupov
avnirenovdaow of mwlevgal af mepl vag l6ag yovieg:
avalopov dga gotlv wg 7 BI' meég v EH, ovrmg
7 EZ mods iy I'd. doviv dga xal dg ©0 dmd Tijg
BI' mgog 10 amo tijs EH, ovrwg 16 and t5jg EZ mpog
10 ano vijig I'd. evpuetgov 04 éome 16 and g I'B
©6 and vijg EH' ¢nvy yag dovv éxarépa avrdv’ ovp-°
uergoy doa éotl xal 0 and vijg EZ to and vig 4.
gnrov 0¢ éore ©d dwo tijg EZ* Gyrov dge dori xal
10 amo tijs I'Ad" ¢nray aga éoviv 5y I'd. xal Zmsl
agvuuereds éovww 9 EZ vij EH wixers Svvapes pao:
uorov el evpusroor® og 0 7 EZ meds v EH,

2. Z4] corr. ex 4Z V, 4Z BFb. HE] inrs. V. &nse
£da d‘u‘gal.]] comp. P, om. Theon (BFVb). 6. ovpuetgov P,
corr. m. 2. tj] corr. ex = m.rec. b. 8. el — 9. yweiov)
in ras. F. 9. dofoydwviov] m. rec. V. 18. povor] in ras. F.
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similiter etiam HE> EZ:EZ*—=HA4:Z2A—=HE:EZ;
quod erat demonstrandum. :

XXII.

Quadratum mediae rationali adplicatum latitudinem
facit rationalem et ei, cui adplicatum est, longitudine
incommensurabilem.

Sit media A, rationalis autem I'B, et quadrato 4°
aequale rectae BI” adplicetur spatium rectangulum B4
latitudinem faciens I'4. dico, I'4 rationalem esse et
rectae I'B longitudine incommensurabilem.

nam quoniam media est 4, quadrata aequalis est
spatio rectis potentia tantum commensurabilibus com-
prehenso [prop. XXI]. sit quadrata aequalis HZ.
werum quadrata etiam spatio B4 aequalis est. itaque
BA4=HZ. verum idem eij aequiangulum est. parallelo-
grammorum autem aequalium et aequiangulorum latera
aequales angulos comprehendentia in contraria propor-
_B___ tione sunt [V, 14]. itaque BI': EH

i H =EZ:I'4. quare etiam BI'® : EH*
== EZ7%:'4® [VI, 20]. uerum I"B?
et EH? commensurabilia sunt; nam
utraque rationalis est. quare etiam
EZ® et I'4* commensurabilia sunt
[prop. XI]. uerum EZ2 rationale est; quare etiam I'4?
rationale est [def. 4]. itaque I' 4 rationalis est. et
quoniam EZ, E H longitudine incommensurabiles sunt
(nam potentia tantum commensurabiles sunt), et est

4

r 4 E 12

4. Svvarar] dvvacdar b. 4B P. 18, dovéiv P. 4B P,
fouy PB. " atrd FV. 16. z&] corr. ex 8¢ m. 1 P, om.

FV. 21, r'B] e corr. V, BT F.  23. éotlv P. 24. dotw P.
dottv P. 26. doti/v] postea ins. F. 26. HE F.

Euclides, edd. Heiberg et Menge. IIL 5
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ovrmg ©0 dmd vijg EZ mgog 16 vmd tov ZE, EH,
devupergoy doo [éotl] vo dnd vig EZ ©6 vmod rov
ZE, EH. dika v¢ pdv and tiig EZ ovpustoov éore
70 dmd tijg T4 ¢nral pdp slor dvvdus' T 6% vmd
vdv ZE, EH eduustody éor 70 vmwd v ATy, I'B-
loa pog dovi t¢ amd tijs A aovpucroov fou fovi xel
70 and vijg I'd v vmo 1dv AT, I'B. &g 0% ©6 and
tijg I'd mpds 76 vmd v AI', I'B, otrws detiv 4
AT medg v I'B* devuucrgog coa éotlv % AT tj
B urjner. $qryy doa éoviv §) I'd xol dedpuergog ©jj
B wijxs” Omeo E0er Oeikou.

%y

H 17} uéoy 6vuucroogs uéen éotiv.

"Eerw wion n A, xel vij A ovyuergog fovw 3 B-
Adyo, Ote xol 7 B uéon éoviv.

‘Exxelodo yeo ¢ney 5 I'd, xal vd udv dmd tijg
A loov mege iy I'd meoufefiiodo ywelov dedo-
yoviov ©0 T'E midvog mowody iy EA* ¢y dge
dorlv ) EA nel éovppergog v I'd pijner. v O%
and vijg B loov mega v I'4 magafefiodo ymeiov
dedoydvior vo I'Z mhAdrog mowoty vy AZ. énmel
ovv ovuueteds ot 7 A tf B, obuppergdv dor xal
70 and vijg A e and vijc B. dile v6 pdv 4md
tijs A loov éovl ©0 ET, té 0% and vijg B leov éorl
t0 I'Z: evpuctgov &oa éotl 0 EI v I'Z. xal

2. doriv &ga FV. Zav/] om. P. 8. zé] corr. ex w6 V.
o] om, V. 4 elow P.° JSvvapes] eras. V, dein add. og¢
doa 0édsintar. 6. ovppéreoy P, corr. m. 1. éote] om,

BFb., 6. eloe BVb. odupsrgor F, sed corr. ~ dorty P. 1.
I'B mequegopévep V. 8. I'd] aT'F. 9. I'B] I'4b. éetty
om. b. 11. xsq £8er deiker] om. BFb, comp, P, 12, xy
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EZ:EH=EZ*:ZE><EH [u.lemma), EZ*etZE>< EH
incommensurabilia erunt [prop. XI]. uerum EZ2 et I' 42
commensurabilia sunt (nam potentia rationales sunt);
ot ZE>< EH, A" < I'B commensurabilia sunt (nam
quadrato 4* aequalia sunt). itaque etiam I'4® et
4I'>< I' B incommensurabilia sunt [prop. XIII]. uerum
T'd?: A }XI'B== 4I':I'B [u. lemma]. itaque 4T,
I'B longitudine incommensurabiles sunt [prop. XI].
ergo 4 rationalis est et rectae I'B longitudine in-
commensurabilis; quod erat demonstrandum.

XXTII.

Recta mediae commensurabilis media est.

Sit media A4, et rectae 4 commensurabilis sit B.
dico, etiam B mediam esse.

ponatur enim rationalis I'4, et quadrato 4% ae-
quale rectae I'4 adplicetur spatium rectangulum I'E
latitudinem faciens E4. itaque EA

4 2 rationalis est et rectae I' 4 longitudine
.r_ incommensurabilis [prop. XXII]. qua-
' drato autem B? aequale rectae I'g

adplicetur spatium rectangulum I'Z
— latitudinem faciens 4Z. iam quoniam

A et B commensurabiles sunt, etiam
4 ¢t B? commensurabilia sunt. uerum 4* = ET, B® =
IZ. itaque EI, I'Z commensurabilia sunt. et EI':I'Z
=EA4:4Z[V],1]. itaque E4, 4 Z longitudine commen-

om. P. 14, forw] (alt.) om. BFb. 18. 4] w6 F.  20. 4T
BVb. 91 I'Z) corr. ex EZF. Z4 P." éx{ P, corr. m.
rec, 22, fors) postea ins, F, dorsw P.  28. 4] corr. ex 4BV,
Aulm F. p 24. dovi] (alt.) om. Vb.. 25. I'Z] (prius) Z in
e m. 1P

b*
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éotiv &g ©0 EI mgog ©0 I'Z, ovtws 1 EA moog tiy
AZ ebpucrgos dou éovlv ) EA tvfj AZ wixe. oy
0¢ dorwv ) EA xel devpustgog 1) A wijxer g
Goo éotl nal ) AZ xal acvpuergog v AI" wijxe of
Td, 4Z éga $nral elay Svvdust udévov evpuergoL.
1 0% 70 Vmd Gnrav Suvdus udvor cvuuérpmy dvva-
uévy uéon devlv. 7 dpo 10 Umd rdv ', AZ Odvve-
uévy uéon deriv: xal dvwarer O Umd vév I'd, AL
7 B* péey doo éotlv 7 B.

Mogioue.

'Ex 07 tovrov gavegdv, Ot td T6 uéow yoeiw
evuustoov uéoov éotly [dUvavrer pig ovre v,
of elor dvvduer ovuucTgol, v 3 Erépa uion' @ore xal
€ A 7
7 Aowwy) uéer éariv].

‘Reavrog 8t tolg énl tadv $nrodv slonudvois xol
énl 1y péoov axolovder, v vy péoy wixe ovy-
pergov Aéyeadar péanv xal aVpuetoov avty uiy uovoy
urxe, aide xel Svvdpe, émeidrjneg xadiov af wixe
ovpuetgor wavtwg xel dvvdust. fov 0F vf péoy ovy-
uerpdg Tig 7 Ouvvduer, &l pdv xal pixe, Adpovraw xol
oltwg péoor xal GvpusTgor wijxel xol Suvvdues, & O
dvvdue udvov, Aépovrar péear dvvduss wdévov ovy-
UETQOL.

4. éotiy PB.  b. eloww PB. 6. %) 8} 6] o 6 BFVb.

Post cvpuéroor add. ed@eudry weouegouevoy dodoydviov dho-
yov dorv nal b, F m%‘. m. 1, V m. 2; deinde seq. adzé &loyor
éorr, nolslo®w 3¢ b, F mg. m. 1; 7 dvvapévy adro &loyds éonuy,
wodsizar 0% péop V m. 2, 7 Ovvapévn BFb, et V (del
punctis). 7. péon] supra scr. F.  uéon doriv] punctis del. V.

%] m. 2 B.  dvvapdvy) dvvdger 4 b. 8. dori Vb, comp. F.

9. 5 B] (prius) HB Bb. 12. éoz¢ BV, comp. F. avrd]
-t¢ in ras. V, edrg F, adréd of B, «f add. m. 2 V.  13. elow
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surabiles sunt [prop. XI]. verum E A rationalis est et
rectae 4I" lougitudine incommensurabilis. itaque etiam
AZ rationalis est [def. 3] et rectae 4TI longitudine
incommensurabilis [prop. XIII}. itaque I' 4, 4Z ratio-
nales sunt potentia tantum commensurabiles. recta
autem quadrata aequalis spatio rectis potentia tantum
commensurabilibus comprehenso media est [prop. XXI].
itaque recta quadrata spatio I'4>< JZ aequalis media
“est. et BB=I'A><AZ. ergo B media est.

Corollarinm.
Hinc manifestum est, spatium spatio medio aequale
medium esse.’)
' Lemma.

Congruenter iis, quae de rationalibus diximus [prop.
XVIII coroll.], etiam in mediis sequitur, rectam mediae
longitudine commensurabilem mediam uocari ei non
modo longitudine, sed etiam potentia commensurabilem,
quoniam omnino rectae longitudine commensurabiles
semper etiam potentia commensurabiles sunt. sin
recta mediae potentia commensurabilis est, si eadem
longitudine est commensurabilis, sic quoque mediae et
longitudine potentiaque commensurabiles uocantur, sin
potentia tantum, mediae potentia tantum commensu-
rabiles uocantur.

1) Sequentia lin. 12—14 obscura sunt et sine dubio sub-
ditiua.

PB. 20, ¢l péy — 21. 9t dvvdpa] om. Fb; post ovupsteor
lin. 22 ea hab. V (punctis del., add. to 8b ékfjs ody wo!“

=% Pifrlp tob égaclov xal énum&n?) et B mg. m. 2 (add. m
fine y.ovov) 22. udvov] (prius) del. m. 2 B. ovppstgor]
m. 2 B. Seq. lemma, u. app.
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%0,

To Umd péowv pixst Gvpufromv eO0dsidv
xetd Tive TV ElQRuEvev TEOT®Y meQLeyl-
usvov dpdoydviov péoov éoriv.

5 ‘Two pop péoow uijxs ovpuérpoy sO¥acy Tov
AB, BI" meguepéodm Spdoyaviov vo AT Aéywm, 61u 70
AT uéoov éoriv.

Avayeyodpdm yag amé vijg AB verpdyovov o
A4 péoov dga éovl vO A, wel émel ovuuerods

10 éoviv % AB vy BI' wixe, lon 0% 7 AB tf; B4,
ovuustoog doo éoti xal ) AB vij BT wixer dovs xal
10 44 v A" ovppergdy dorw. péoov 0 to A A
uéoov dopa xel 10 AT megp &der deifou.

xe'.

15 To vmd péowv Svvaups: pévov cvuuérpev
eVPeLdv weQLEgousvoy Spdoydviov fTor gnrov
7 uéoov éotiv.

‘Trd pap uéowv Ouvdust udvov ovuudremv V-
deudy vy AB, BI' dpdoyaiviov megueyéodm vo AL

20 Adyw, 6t 10 AT fjrov fnrov 9 uéoov éorlv.

‘Avepeygapdn pop amo tov AB, BI' rergpdyove
t¢ Ad, BE* uécov &g éorly éxdregov tov A4, BE.
nel fuxelodo ¢ney 1 ZH, xel v piv A4 loov mepn
v ZH nopafefinodn dgdoyaviov magarinidypau-

26 pov ©0 HO® miarog mowotw vy ZO, tg 0t AT loov
nege iy OM mepafsfiicde dedoydviov megadiy-

8. natd — teémwwy] om. BFb, supra scr. m. 2 V (ore va
Ty eras.). 6. mequéyecfar B, corr. m. 2. 9. 44] (prius)
inter 4 ot 4 ras. 1 litt. V. 11, doziv PB. 4 B] e corr.
m. 2V,BdF. 12 éors V, comp. Fb.  44] e corr. m.
2 V. 16 eédPadv] m. 2 V. 19, weqiegéobw dedoydvioy P.
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XXTV.

Rectangulum rectis mediis comprehensum secundum
aliquem modorum, quos diximus [u. lemma], commen-
surabilibus medium est.

Mediis enim 4 B, BI" longitudine commensurabili-
bus comprehendatur rectangulum AI. dico, 4" me-
dinm esse.

nam in 4B quadratum describatur A4.4. itaque
44 medium est. et quoniam 4B, BI' longitudine

r commensurabiles sunt, et 4B =B 4, etiam
4B, BI' longitudine commensurabiles sunt.
quare etiam 44, A" commensurabilia sunt
4 B [VIL, 1; prop. XI}. uverum 44 medium est.

ergo etiam AI' medium est [prop. XXIII
4 coroll.]; quod erat] demonstrandum.

XXV.

Rectangulum rectis mediis potentia tantum commen-
surabilibus comprehensum aut rationale aut medinm est.

Rectis enim mediis 4B, BI” potentia tantum com-
mensurabilibus comprehendatur rectangulum AT, dico,
AT ant rationale aut medium esse.

4 7 H nam in 4B, BI' quadrata
describantur 44, BE. itaque
utrumque 44, BE medium est,
et ponatur rationalis Z H, et qua-
drato A4 A4 aequalerectae Z H ad-
plicetur parallelogrammum rect-

i

4 B

ENE
2 IR

!

!

i
= E

-

xeoéyesdar B, corr. m. 2, 20. éovev 4) péoov V. 23.
F, corr. m. 2. zf] corr. ex 6 V.  25. 7ijv] corr. ex
wm 2 F
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Aoypappov 16 MK mAdrog mowodv wiy OK, xal in
v BE loov Ouoiwg mage v KN magafsfilijcde
10 NA midvog mowotv v KA' én’ ebdelug dpu
slolv of 2O, OK, KA. émsl ovv péoov éorlv énd-

5 tepov v Ad, BE, xai éovwv loov 10 ptv A4 ¢
HO, 1o 0t BE v NA, péoov dga xal éxdregov v
HO, NA. xol mwoge dnryy vy ZH magdxeitar §nry
dpa dotly éxorépe tov ZO, KA xel dodupustoog T7
ZH wixer. xel émel ovuueroév éore vo Ad tv6 BE,
10 Gvpuergoy oo éorl xel vo HO v NA. xal dotwv
wg ©6 HO mpds v0 NA, obrawg % ZO medg v KA
ovpueTog doa dotly m 20 vy KA wixe. of ZO, KA
Goo $nral slor uixe ovuupergor’ yTov dea éotl 1o
oo vov ZO, KA. xal émsl lon éovlv 4 ptv 4B 1
15 B4, 1 6% EB tfj BI', f6niv dga g 1 AB meog vqv
BT, oftwg 1 AB mpdg tqv BE. ald’ dg uiv n 4B
npds iy BI, olrmg 10 AA mgog vo A" dg 0t 7
AB mgdg vy BE, otrwg v AT mpog ©o I'E: &enw
dga og ©d A4 medg 16 AT, ofrog 10 AT mpog o
20 ['E. loov 0¢ éore vo wdv Ad v HO, ©0 0t A
9 MK, vo 0t I'E v NA &ovw doa og vo HO
npog 10 MK, otrwg 10 MK meds 10 NA* &eriv dow
nel dg N ZO medg iy OK, otrwg ) @K meds v
KA v dga 9mo vév 2O, K A leov o1l ve amd tijs
26 @K. ¢$nrov 0k 16 vmwd tov ZO, KA dnuov dea ot
xal ©0 amwd vijg OK" ¢qry &go dotiv ) OK. xel &
piv ovuusrpog dove ) ZH wixe, ¢nrdv dote 10 ON-
2, oy — KN] mg. m. 1 F, in textu &lio maga ziv

KXN. 4. af] corr. ex ol F m. 1, supra m. 2 P, 6. N 4]
Necorr. V. dou éoti V. 1. NA} MA bet F (Min ras.).

Ante énej ras. 51itt. V. 8. foriv] forlual V. 9. nal émel]
énei otv Theon (BF VL), 10. 46ty P. 1)m.2F. OHF.
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angulum H@ latitudinem faciens Z @, rectangulo autem
AT aequale rectae ® M adplicetur parallelogrammum
rectangnlum MK latitudinem faciens ® K, et praeterea
quadrato B E aequale similiter rectae K N adplicetur N4
latitudinem faciens K 4. itaque Z®, OK, K 4 in eadem
recta sunt. iam quoniam utrumque 4 4, B E mediun est,
¢t 44 = H@, BE = N, etiam utrumque H®, N A
medium est. et rationali Z H adplicata sunt. itaque utra-
que ZO, K A rationalis est et rectae ZH longitudine
incommensurabilis [prop. XXII]. et quoniam A4 4, BE
commensurabilia sunt, etiam H®, N4 commensura-
bilia sunt. et HO: NA=Z6:K 4 [V], 1]. itaque Z®,
K 4 longitudine commensurabiles sunt [prop. XI]. ita-
que Z®, K A rationales sunt longitudine commensura-
biles, itaque Z® >< K4 rationale est [prop. XIX]. et
quoniam #B=B 4, 5B=BT, erit 4 B:BI'= A4 B: B,
verum AB: Bl = Ad4A4: A [V], 1], et AB:BE=
Ar:rE [VI, 1). quare 4 4: A'=AI': 5. verum
A4=HO®, AT'=MK, ' =NA. ergo HO: MK=
MK:NA. quare etiam Z@:0K=0K: K4 V] 1].
taque ZO>< KA =0K? [V], 17]. uerum ZO®>< K 4
rationale est. quare etiam @K? rationale est. itaque
OK rationalis est. et si rectae ZH longitudine com-
mensurabilis est, ® N rationale est [prop. XIX]; sin

xal/] om. FV.  Post dorv add. doa »e/ V. 11. ®H F.

w6y P, sed corr. AN e corr. m. 2 V. -mjr] om. Bb. 13.
oty P, 14, AB] e corr. Vb, 15. EB] corr. ex ZB V.

4B} B4 F. 16. BXE] corr. ex BZ P, 17, ©j¥] corr. in
wF, 16 b 18. B B. #fouwwv — 20. N'E] mg. m. 2 B.

19, 44] in ras. V.  AT] (alt) I'4 F. ~ 20, ['’%] in
s V, dotv P. 24. douly P. 25. otlv PB, 27.
dori P, Post 73 add. ® M toviéone = V, B. m. 2 (del. m.
rec) ©ON]ecorr. m. 2 V.
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&l 0} aovuuetgds dove vij ZH e, of KO, @M $nral
elor dvvauer uovov ovuuctgor’ uéoov dga o ON. - 1o
@N épa fvor $nrov 1 uéeov éovlv. leov 0% ©o ON
10 A" ©0 AT &g fror dnrov 7 uéoov éoviv.

To &gpa Umo péowv dvvius pdvov cvuuéromv, xal
ro EEjg.

%g'.

Méaov puéoov ovy vmepéyet .

E! yag dvvarév, péoov v0 'AB péeov tov AT
negeydro onrd v AB, xol éxxeledw fnyrm n EZ,
xal v AB loov mepa vy EZ magafsfiioda mep-
allnidygappov dpdoydviov ©6 ZO midrog mowoty
v EO, vg 0% AT loov aguefiedw 1o ZH- Aoumov
dge 6 BA Aoimg v KO dorwv leov. Gnyrov OF édou
©0 AB* nrov dee ol xal vd KO. émel odv uéoov
otiv énavegov tov AB, AT, ol éoti vo uytv AB 16
Z® loov, 70 0% A" v ZH, péoov dge xal éxdregov
oy 2O, ZH. xal mage ¢nryy vy EZ moagdxeitar
oy dpa dotly éxarépa 1oy OE, EH xal dovuucroos
tfj EZ winer. xol émel ¢nrév éove ©v0 AB xal Zomv
loov 1@ KO, ¢nrov doe dotl xel 10 KO. xol mapa
éntyw vy EZ mogdxsitar gyry &oo daviy 1 HO xal
ovupergog vij EZ pijxer. arda xel § EH $nroj dome

1. K@) corr. in ®X m. 2V, ON B, OM & P. 2.
eloevy PB. © ON)] inras. V. 8. fjzoc] om. Fb,  éorv 7
péoov V. 4. dor/ BV, comp. Fb. 5. o dea] vdw 3¢ F.

pévey T, nol to Eiig] evPeidy meguezopsvoy dpPoydviov
fitor §ntov 7 péoov doriv: ~ P. 6. Post £&ijc add. Gmsg £de:
deiboe V. 7. ay’ P, corr. m. rec. 10. vmeoéyec F, sed corr.

11. =6 ] t wév B, 10 péy b. 14, ®KF. 15, 4Bl in
as. V. oty P. OKD. 16. é’ouz] doty B. 17. nel]
om. b. 18, moganewvrar V. 21, dotl) doviv P.  22. Post
xal ras. 1 litt. V.
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rectae Z H longitudine incommensurabilis est, K®, @M
rationales sunt potentia tantum commensurabiles;
quare ®N medium est [prop. XXI]. @N igitur aut
rationale aut medium est. verum ON = AI. 4TI igi-
tur aut rationale est aut medium.

Ergo rectangulum mediis potentia tantum commen-
surabilibus, et quae sequuntur.

XXVI.

Spatium medium non excedit medium spatio ra-
tionali.

8i enim fieri potest, medium 4B excedat medium
AT rationali 4B, et ponatur rationalis EZ, et spatio
AB aequale rectae EZ adplicetur paral-

g lelogrammum rectangulum Z @ latitudinem
P r faciens E®, spatio autem AI" aequale sub-
1‘ 5 trahatur ZH. itaque relinquitur B4 =
2 E K@®. uverum 4B rationale est. itaque etiam

K@ rationale est. iam quoniam utrumque
AB, AT medium est, et AB=20, AT
= Z H, etiam utrumque Z®, Z H medium
K H est. et rectae rationali EZ adplicata sunt.

ergo utraque ®E, EH rationalis est et
® rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam 4 B rationale est et spatio K®
aequale, etiam K@ rationale est.!) et rectae rationali EZ
adplicatum est; itaque H@® rationalis est et rectae EZ
longitudine commensurabilis [prop. XX]. uerum etiam

1) Uerba 76 4B lin. 20 — ot} xeef lin. 21 post lin. 14—15
superuacua sunt et fortasse interpolata. uerba nrov 8¢
lin. 14 — g0 K@ lin. 15 damnanit August.
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nel davppergog v EZ pijxe aovupcrgog doo otly
% EH ©jj H® wijxer. wal éovv dg 9 EH medg vy
HO, otrog ©o and vijg EH mgdg v vmd rév EH,
H®" dovuusrgov dga Zori ©0 émo tijg EH g vmd
rov EH, H®. diie v pdv dwd vijg EH ovpucred
ot ta dnd tov EH, H® terpdyove’ ¢nra pog ap-
@irege’ e 0% Vmd rov EH, HO ovuuperedy dove 1o
dlg vmd tév EH, HO®* dumdddiov pig éotiv avdrov’
aovpuerge Gpe éot) vd dnd vov EH, HO t¢ dlg vmo
tov EH, HO®' xal cvveupitspe dga té¢ T8 amd Tav
EH, H® xal 16 dlg vwd tov EH, H®, dnep édari 0
and tijg E®, aovuucrodv éote voisg amd vov EH, HO.
¢nre 0t o dnd rov EH, HO  &ioyov dga t6 dmd
tﬁg E@®. &loyog dge éotlv 1 E®. alhe xal énry’
omeg Zotiv @dvvarov.

Méoov é&ga péoov ovy wregaxu ¢nre” Omep et
deikar.

%t

Mécag evoeiv Ovvaps: udvov Gvuufrgovs
¢nTOV WEQLEYOVOQS.

"Exxelodwoav 6vo ¢nral dvvdusr uévov evuuergo
af A, B, xal eldjpdo tdv A, B uéoy avdioyov i I
xal peyovétw ag 7 A meds vy B, ovrwg 1 I' meos
oy 4.

Kol énel af A, B $nval elov dvvdper uovov evp-
uergol, T0 dga vwd tdv A, B, rovréers 16 dxd vijg I
udeov éotiv. uéon dea 0 I. xal émel éorww og 1 A
moog Ty B, [oUtwg] - I’ medg vy A, of 0% 4, B

4. goduergoy b. 6] e corr. b. 7. z6] corr. ex v B.

8. 7@y om. BF. 9. loziv P. 10. 7av] {(priug) om. B. 11
téov] m. 2 F, om. B. doriv PB. 76 dnd] in ras. m. 1 P,



ELEMENTORUM LIBER X. 1

EH rationalis est et rectae EZ longitudine incommen-
surabilis, quare EH, H® longitudine incommensura-
biles sunt [prop. XIII]. et EH: HO=EH*: EH><H®
[prop. XXI lemma). quare EH?®, EH>< H® incommen-
surabilia sunt [prop. XI]. uerum quadrato EH? com-
mensurabilia sunt EH®*-{-H®? (nam utrumque ratio-
male est); et spatio EH >< H® commensurabile est
2 EH >< H® ([prop. V1]; nam eo duplo maius est.
itaque EH®-- H®® et 2 EH>< H® incommensurabilia
sunt [prop. XIII]. itaque etiam EH®*+4 H®* 42 EH
X H@®, hoc est E@ [I1, 4], quadratis EH®4- H®? in-
commensurabile est [prop. XVI]. uerum EH?-| H@*
rationalia sunt. quare E®? irrationale est [def. 4].
itaque E@ irrationalis est [id.). uerum eadem ratio-
nalis est; quod fieri non- potest.

Ergo spatium medium non excedit medium spatio
rationali; quod erat demonstrandum.

XXVIL

Medias inuenire potentia tantum commensurabiles
spatium rationale comprehendentes.

Ponanptur duae rationales potentia tantum commen-
surabiles 4, B, et sumatur earum media proportionalis
I'[V], 13], et fiat 4:B=1I":4[VI, 12]. et quoniam
4, B rationales sunt potentia tantum commensurabiles,
4> B medium erit [prop. XXI], hoe est I'? [VI, 17].
@ dné b, 13. §nrd — HO] mg. m. 1 P. Seq. ras. 1 litt. V.

14, &loyow b.  15. ddvwarov] -avov in ras. V.  16. uédoy
= 17. dsifor] om. BFb; uéoor &oa péoov in ras. m. 2 V;
pidoy Goo pécov ody vmeeéyer m. 2 B, xal 7é fEijc add. m.
rec. 16, omee #dec deifer] comp. P. 18, x¢' P, corr. m.

rec. 26, sloew PB. 26, zowtéomv P.  27. doriv] comp. Fb,
foe PBV.  28. oVtwg] om. P.
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dvvape udvov [elol] ovuusrgor, xal af I'y 4 dga dv-
vigs wlévov &lol ovuuergor. xel dovi uieqm n I
péen dga xal § 4. af Ty 4 &pa uéoar elol dvvdps
udvoy ovuustpor. Aéyw, OtL xal $nrov msgiéyovoir.
énel yog doniv og ) A meds v B, otrws n I meds
v 4, dvadlat dpa éotly g 1 A wedg v I, 1) B mpds
iy d. &iX wog 7 A meds viv I, n I’ medg v B
xal g doe 7 I' mpog iy B, otrwg 1 B medg v 4°
to doa vmd tov I, 4 loov éovl té amod vijs B. ¢n-
tov 0 10 amd vijs B ¢nrov apa [fotl] xal o Umo
wov I, 4.

Efonvrac &pa upéoar Ouvvduer udvov ovuucroos
ontdv megiégovoar® Omeg &0 Osife.

.

Méoag evgsly dvvausr uoévov cvupérgovs
uéoov megiegovaas.

> Exxelodwoay [toeig] dnrel dvvdus pdvov evppe-
to0t af A, B, I, xal sldjpdw tov 4, B uéon avdioyoy
1 4, xal yeyovére og §) B meog iy I’y 5 A medg
v E.

'Enel af A, B ¢nral sloe dvvdus. udvov evpustgor,
t0 dga Vwd tdv A, B, tovréore 1o amd vijg A, uéoov
dotiv. uéen dga n 4. xel Enel of B, I' dvvaps
ubvov slol ovuuergol, xal éotiv og 1 B medg v I,

1. glo/] om. BFVb.  xafl — 2. odupergo] om, B. 2.
doriv B. 3. elotv B. 4. nal Aéyw 39 F, 1éym o9 Vb. 10,
{ot/] om. BFVb.  omd] bis b. 12 nfenyyras FVh. 18,
nrév — deikau] nal ta €Efjg P. Seq. lemma, v. app.  14. 2
P, corr. m. rec. 17. Ante 7osis add. ydo b, m. 2 F'V, reet%]
om, P, rosig sv@eice F,  dovppergor b. 19. I ottog V.

21, ot» af F. slow B, corr. m. 2.  22. rovtéert P. 28
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itague I’ media est [prop. XXI]. et quoniam est
A:B=T:4, et 4, B potentia tantum commensura-
biles sunt, etiam I', 4 potentia tantum commensura-
biles sunt [prop. XI). et I"' media est. itaque etiam
T 4 media est [prop. XXIII). I, A igitur me-
| ‘ diae sunt potentia tantum commensurabiles.
dico, easdem spatium rationale comprehen-
r dere. nam quoniam est 4:B=1I": 4, permu-
’ tando [V,16] est 4/:I'=B: 4. uverum 4:I"
4 B —T:B. quare etiam I"': B = B: 4 [V, 11].
itaque I'>< 4 == B? [VI, 17]. B? autem rationale est.
itaque etiam I'>< 4 rationale est.
Ergo inuentae sunt mediae potentia tantum com-
mensurabiles spatium rationale comprehendentes; quod
ert demonstrandum.

XXVIIIL
Medias inuenire potentia tantum commensurabiles

spatium medium comprehendentes [cfr. prop. XXV].
' Ponantur rationales potentia

4
B | 4 ' tantum commensurabiles 4, B,

E + I, et sumatur rectarum 4, B
I

! media proportionalis 4 [VI,
13), et fiat B: I'= 4: E [V], 12].

quoniam 4, B rationales sunt potentia tantum
commensurabiles, 4 >< B medium est [prop. XXI], hoc
est 42 [VL, 17]. itaque 4 media est [prop. XXI]. et

XXVIIO. Cfr. Proclus p. 205, 10.

ot/ BYD, comp. F. I, B B. 24 Post ovpueTeoL TEp. TO
dpa lin, 22 — 4 lin. 23B del m.2. 24 zpw]om. b. I
obrag V.
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% A4 mgog tqv E, xal af 4, E éga dvvdus, yovor elol
evupcrgor. uéon 0% 0 A° uéen doo xaln E° of A4, E
doa péoow slol Suvdus pdvov ovuuctoor. Adyw O,
8t xal péoov meouégovew. émel ydo éderww dg % B
5 meog iy I, 1| 4 medg v E, évadiof dga og 7 B
nedg ™ A, 7 I' medg v E. g 8% % B meds i
4, 7 4 meds vy A nel og dex ) 4 meds Y A,
n I’ mpds viy E* ©6 dpa vmd vdv A, I' lsov éorl vo
vwd rov 4, E. péoov 0% o Omo tév A, I uéoov
10 oo xal Td Vmwd Tov 4, E.
Efonvraw dga péoor dvvdust uévov ovuusroor ué-
oov meguéyovoas’ Omep Eder Osiat.

Aijppe.

Edgetv dvo retgaymvovg cxgn‘movg, @ore xol zov

15 cupxslusvov €E adrdv slvor Tergdywvov.
Exxelodaoay 0vo dguduol of 4B, BI', écrwmeny
0% 7jrou &griot 1 megirvol. xal émel, ddv te Aamd de-
viov Horiog dpaigedy, iv ve Amd mePLEGOV WEQLGGOS,
0 Aoumdg doridg éotw, O Aomdg doa 6 AT &emids
20 dotiv. vevwiodw 6 AT dlya xate ©o 4. Ecrweay
0t xal of AB, BT fjto. Suoior émimedor 1) Tevgdywvol,
of xal avrol Suotol elowy émimedor® O doa éx vy AB,
BT gere tov dmd [tod) I'd werpaydvov laog ovl v6
and vov BA tverguyove. xal éov tevgdyavog 6 €
25 tov AB, BI, émeaidimeo 80elydn, Oti, éav 0¥o Guotos
énimedor moldamindidoavtes dAlfAovs moubel Tiwve, O
751/6;&81/05' Terpdyovog doTw. elenvTar dga 0vo Terod-
L. odupeveor dvwvdper povov il V. pévor] om. P.

elotv P. 3. slotv P. B ovrwg § AV. 6.7 ' — wiw d;
m, 2 B. 6. &g — 7. 4 (prius)] mg. m. 1 F. 8. otros
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quoniam B, I" potentia tantum commensurabiles sunt,
et est B:I'= A:E, etiam 4, E potentia tantum com-
mensurabiles sunt [prop. XI]. uerum 4 media est;
itaque etiam K media est [prop. XXIII}. quare 4, E
mediae sunt potentia tantum commensurabiles.

iam dico, easdem spatinm medium comprehendere.
nam quoniam est B:I'= 4:E, permutando [V, 16]
erit B:4 =TI": E. uverum B: 4 = A4: 4. itaque etiam
d:4=T":E. quare A><X I'= 4> E [V], 16]. sed
A>T medium est. itaque etiam 4 >< E medium est.

Ergo inuentae sunt mediae potentia tantum com-
mensurabiles mediam comprehendentes; quod erat de-
monstrandum.

Lemma L

Inuenire duos numeros quadratos eiusmodi, ut etiam
numerus ex iis compositus quadratus sit.

ponantur duo numeri 4B, BI, et aut pares sint
aut impares. et quoniam, siue a numero pari par sub-
4 trahitur, sive ab impari impar, reliquus par est

[IX, 24, 26], reliquus AT par est. in duas partes
14 aequales secetur AI" in 4. sint autem 4B, BI
l etiam aut similes plani aut quadrati, qui et ipsi
TF similes sunt plani. itaque 4B>< BI'+ I'4* = B.A*
"B [II, 6]. et AB><BI quadratus est, quoniam de-

T F. 11, ntenvrar Vb, Jpéoae] om. V. péooy — 12,
dsitar] nal ta &kng P.  12. omee — deifor] om. BFb. 14,
dofpods] m. 2 F.  16. Ante of add. Spocor émimedor mg. m.
2 B. 17. 7 V. 2me/] supra ser. m. 1 F.  7e] om. V.

18. meqirrod megurzdg V et b, sed corr. m.1.  20. 4ome BV,
comp. Fb. I'4P. 22 of] 7 b.  #x] 9mé V, corr. ex
ané m. 1 b, 23. to% I'd] I'd B (corr. m. rec.) et b, ‘r%g
4 P. 9. 4ABP. teroaydvov P, corr. m 1.  Zouw B,

26, 3elyfn] om. b.  26. mowGey B.  27. yienvras FVb.

Euclides, edd. Heiberg et Menge. III. 6
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pyovor apuduol & veé éx tov AB, BI' xel 6 amd tov
I'4d, ob ovvredévrsg motovar vov amd vov BA tevga-
pavoy.

Kal gavegov, Ot. sbonvrar mdiww Svo tereaymvor
0 7& ano vov BA xel 6 dxd vov I'd, dere v vmsg-
oy adrdy vov vwd AB, BI' slvar terpaywvov, dvay
of AB, BT Buoior dew émimedoi. Srav O} uy G6w
Suotor Zmimedor, svgnvrar Ovo tTevedy@vor O TE ATO
700 BA %ol & énd vov AT, dv 5 vmegoyy 6 vmd
tov AB, BI' ovx fovi rergdymvog: omesp &0e dsifou.

Aqjppe.

Evesiv dvo terpaydvovs doiduovs, dare vov &
oUTHY GuyElusvoy w Elver TETEAy@YVOY.

"Eotw yag 0 & tov AB, BT, og Epausv, rerga-
yovog, xal &otiog 6 I'A, xal rerunede 6 I'A diye
t6 A. pavegdy 01, 8vv 6 éx vov AB, BI' terpdymvog
pere o amd [vov] I'd tergaybvov ldog o7l T6 4mod
[tov] B4 vergaydve. dgnenode povag % AE- o
Gpo éx tdv AB, BI" ueve: tov and [vov] I'E éddecov
dotl vov amd [to0] B rerpeydvov. Adyw ovv, Ore
0 éx tov AB, BI terpaywvog peve 1ot and [vov] I'E
ovx £otou TETEdpwVOS.

E! yop &orar tevgdymvog, fror loog dorl i dmd
[rov] BE 1 éAde6wv ot dmd [vov] BE, ovxére o0

2. woswor V, sed corr. Bd4] supra scr. m. 1 F, Te-
tq,ayoévov F, sed corr. 4. Mg, add. ® Bb, m.2 PFV. aalw
nvenrrar F. noenvrae Vb. tétgeyora P, corr. m. 1.

5. 6] (alt.) om. P. 6. t6v] =iy FV. omo zov V. 4B]
B ins. m. 2 P.  zerpdymvey slven B. 8. nionvrar Vb, et
corr. ex edonyvrar m. 2 F. 9. 4] om. P. I'a BFV. 3]
om. b, 10. 4B] 4 P.  Ante oxsp add. 6 deax P.  Smee
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monstraunimus, si duo numeri plani similes inter se multi-
plicantes numerum aliquem efficiant, numerum inde pro-
ductum quadratum esse [IX, 1]. ergo inuenti sunt duo
numeri quadrati 4B>< BI" et I'"4%, qui compositi qua-
dratum B A efficiant. et manifestum est, rursus inuentos
esse duos numeros quadratos B4® et I'4? eius modi, ut
eorum differentia 4 B><BI" quadrata sit, si 4B, BI'
plani sint similes. sin non sunt similes plani, duo
numeri quadrati inuenti sunt B4® et AI', quorum
differentia 4 B>< BI" quadrata non sit; quod erat de-
monstrandum.

Lemma II.

Inuenire duos numeros quadratos eius modi, ut
numerus ex iis compositus quadratus non sit.

74 Sit enim 4B >< BI' quadratus, uti diximus
JH [lemma I], et I'4 par sit et in 4 in duas
€1 , partes aequales secetur. manifestum igitur, esse
Ef  AB>< BI' 4+ I'4A*==B .4 [u. lemma I]. subtra-
hatur unitas JE. itaque 4B >< BI'4 I'E? <
¥ B4 dico igitur, numerum quadratum [IX, 1]
AB>< BI' addito 'E? quadratum non esse.
~B Nam si quadratus erit, aut aequalis est quadrato
BE? aut minor quadrato BE? maior autem non est,

#0ee deikon] om. BFVbh, comp. P.  16. 76] #ate té F. fl))]
om. P.  17. zo¥] (alt) w7¢ P.  18. zod] om. BFb, ij¢ P,
B m. 2. épolwg povag P. 19. éx] amé b.  zdv]) Tov P,

BT tsredyaovog V. zod] (alt.) om. BFb, tiicP, Bm. 2. #lao-
ooy fotl tov] in ras. m. 1 b. 20. tov] om. BFb, zijs P,
m. 2 B. 21, 6] om. b. 7o} galt.) om. BFb, =i¢ P. 22,
foru P. 28, forou] otu BFb, =~ fotlv B, sed corr.  24. tov]
om. Bb, #ijgs P. ~idoeov] y®* F, flacsor 8y b; dldccor B,
seq. ras. 1 litt., éddcoov: m. rec. 702 — BE] om. V. zod]
om, BFb.  ovx &z b.

6*
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xol peltov, tve un Tundy n povds. é&ore, & dvva-
vdv, mootsgov 6 éx vov AB, BI' pera vod and I'E
ioog v¢p and BE, xei fotw tijg JE povidog dumie-
olov &6 HA. Zrnel ovw Giog 6 AT SAov tov I'd
dor. dundaciov, dv 6 AH tov AE ot diumdaciov,
xol Aoumog doa 0 HI Aoumod tov EI éovi dimdaciov:
0l dga tévunrec 6 HI v E. 6 doe éx vév HB,
BI" peve vod amd I'E lgog detl ve dno BE verpe-
yave. drde xal 6 éx vdv AB, BI' pete vov amd
T'E loog vmoxever v¢p and [vov] BE verpaydve’ o
doo éx vév HB, BI' peve vob and I'E lgog éori 16
éx t1év AB, BI" peve vov and TE. xel xowov agoi-
o&edévrog vov ano I'E ovvayetaw 6 AB ioog vy HB:
Smeg dvomov. odx deo 6 éx vov AB, BI' pera tob
and [vov] T'E i6og fovl v¢p amd BE. Aéyw O, oum
000t dldocwv tov and BE & yap dvvardv, éote
t¢ and BZ loog, xal toi AZ dimiaciov 6 OA. xal
ovvaydijoerar modww duwdeciov 6 @I tov I'Z: move
xel vov I'® dlyo veruijodor xove vo Z, xal dia tovTo
T0v éx vév OB, BI' pera vov dno ZI ioov ylvecda
76 dnd BZ. vmoxeiver 0% xel 6 éx vov AB, BI peta
r0b amd I'E l6og v6 amd BZ. dove xal 6 éx tov
@B, BI' uere vov and I'Z lgog éotaw v65 éx tidv AB,
BT pere vod amo I'E* Gmep &romov. ovx dga 0 é
tév AB, BI" peve vov ano I'E leog doti [vg] éieo-

1. pedfove (o et ¢ corr) B; yo. pelfove noeitrdy égri supra
ser. m, 2 V. p1] pire Theon (BFVD), P m. 2. Post po-
vig add. Theon: wire 6 #x vy AB, BI' psta tod dmo (to¥
add. V) I'd, 6g éoriw 6 (om. b, mg. B) dzo (roi add. PVDb)
B4 (e corr. m, 2 V, 4B PBb), loog 3 ©6 éx (vmd BV) tow
g)m. PB) 4B, BI' peve tob dmo (vob add. PV) I'E (BFVD,

m. 2). &l] corr. ex 7 m. 2 P. 2. tijgc TE P. 3. *ijs
BE P.  7ig 4E povddog] om. V.  dumldeiog P. 4. HA
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ne unitas dinidatur.!) prius, si fieri potest, sit 4B><
BI'4I'E?=BE?, et sit H4=2 4E. jam quoniam
AlN'=2TAd, AH=2A4E, erit etiam HI'= 2 EI.
itaque HI' in E in duas partes aequales diuisus est.
ergo HB><BI' 4+ I'E? = BE? [II, 6]. supposuimus
autem, esse etiam 4B >< BI' 4 I'E* = BE® quare
HB><BI'+T'E*= AB><BI'4 I'E? et subtracto,
quod commune est, I'E*® concludimus, esse 4 B=HB;
quod absurdum est. ergo 4B>< BI'4 I'E? quadrato
B E* aequale non est. iam dico, ne minorem quidem
esse quadrato BE®. nam si fieri potest, sit 4B><BI’
+ FE?=B2Z% et @4 =2 A4Z. et rursus concludemus,
esse @I'=2TIZ; quare etiam I'® in Z in duas partes
aequales diuisus est, et ea de causa @B>< BI'{- ZI'®
= BZ® [II, 6]. supposuimus autem, esse etiam

1) Nam AB><BI'+4 I'E*<{ B4 sit latus x. ergo habe-
bimus BE? < x* < (BE + 1), h.e. BE< x < BE -1, ita
ut x fractio sit, quod fieri non potest.

tii¢ AE povadog V. b, loviv P. o 6] 6 8¢ P.  dumldaiog
BFb. 6. %xl 6 BFb. I'HYV. d&unlaciog BFb. 7. Ante
76 ins. dwdé m. 2 F. HB] B e corr. F. 8. 706 TE V.
tov BE V., 10. zo9] om. BFb. 11. HB] H in ras. V.
BI'lBHb, 09 T’EV. 12 #x] dma V. -ufw% 105 P.
AB] 4 in ras. V. o T'E V. 18. zos 'E V. 4]
n P. toog 1] lom =i P. 16. zov ’'E] I'E BFb, =g
TEP. zo9 BE V. o 9mo tav HB, BI lsog v éx vow
AB, BI’ mg. Fb. &%) om. b. 16. fiascoy F m, 1, V (sed
corr.); éddgoov: F m. 2, b, Bin ras. 706 BE V. 17. zod
BZ V. l’o‘og;| om. Fb, m. 2 BV. ' axelo®m 6 V. xal]
om. V. 19, zd] zdv F. 20, wév] mip F. éx] dm6 b. zov
ZT V. ylyvecBar F, yevicdear Vb. 21. BZ] ZBB et V
(supra Z ras. est). 22. 709 ’'EV, BEb. BZ] in ras. V,
T'E b. .doze — 23. 1] ovvagdfosrar doa lsog 6 Theon
SBFVb). 24, petd] in ras. . Post 'E add. Theon: 7o
% tédv OB %EB l? BT peve: 1ob d=é I'Z (BFVY). 25, dottr P,
@] om. P.  fdzrove V.
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Gove Tob Gmd BE. &sigdn 04, Sv 0o} [adrd] ve
ano BE. obx dpa 6 éx vév AB, BI' psra tov amod
T'E tergdyovdg éevwv [dvvatot 0% Ovrog xel xora
xAslovag Teomovg Tovg slonuévovs dpiBpods émideix-
b vUe, agrelodwoay qulv of elonuévor, tve uy pexgoré-
oag oveng Ths moayuarelng énl mifov abryy unxtvouey].
Omep £0er dsikar.
%
Edvgeiv d0vo dnrag dvvaper uovov cvpué-
10 Toovg, w6ze TNy pellove vijg éAdedovog pelfov
dvve6daL TG amd cvuuéroov favTy pixet.
’Exxslodo pdg tig dnry 7 AB xal dvo rergdymvo
agudpol of I'd, AE, dore ty vmegogny avredv Tov
T'E uy slvar tergdyovov, xal peyodpde énl tvijs AB
15 fuxvriiov t0 AZB, xal memoujodw og 6 AT meog
wov T'E, ottag 76 dxo tijg BA rergdyovov meog 7o
and i AZ revgaywvov, xal énsletydo 7 ZB.
’Enel [ovv] domw dg v0 dmo vijg BA meds vd dmo
tijs AZ, otrag 6 AT medg vov I'E, v6 amd tijg BA
20 &g modg vo0 amd viig AZ Adyov &qe, Ov deidudg 6
AT mgog agdudv vov I'E: ovpuetgov &pe fotl 1o
and vijg BA v6 amd vijg AZ. $yrov 0t vo dmd wig
AB* $qrov dgo xel TO amd vijg AZ: qry Foo wal
7 AZ. xol émel 6 AT mpog tov I'E Adyov ovx Eyer,
25 Ov TeTpdymvos aguipds mPog TeTgaymvov dguiudv,
1. ov BE V. owzm] om, P, 2. c BE P; TE b.
Dein_add. Theon: 066t (om. b) upelfowe avTod BFVb) 8.
don. PBYV, comp, Fb. duvarot ] ¢ in ras. plurium litt. B.
4, zoomovg] bis b. o siomnéww heon (BFVb). daidpovs)
om. Theon (BFVb).  émibesnvver] émi- supra scm F, in ras.
B; émdsmvvvau V. b. conelobo nuiv o s(og&woc Theon

(BFVb) 7. omeq £0er deiten] om. Theon (BF 9. &0~
eloxsty B. 11, ©é] corr. ex tob m. 2 B. 13, tov] oy V.
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AB><BI'+4I'E?==BZ72 quare etiam @ B><BI'+4I'Z?
== AB > BI' + I'E?; quod absurdum est. itaque
AB><BI' 4 I'E? spatio minori, quam est quadratum,
BE?, aequale non est. demonstrauimus autem, ne ipsi
quidem BE? id aequale esse. ergo 4B><BI'+4I'E?
quadratus non est!); quod erat demonstrandum.

XXIX.

Duas rationales inuenire potentia tantum commen-
surabiles eius modi, ut maior guadrata minorem excedat
quadrato rectae sibi longitudine commensurabilis.

ponantur enim recta rationalis 4B et duo numeri

z quadrati I'd, 4 E eius modi, ut eorum
differentia I'E quadrata non sit
p [lemma I]. et in 4B semicirculus

. : , describatur 4ZB, et fiat 4I': T'E
r E 4 — BA®:AZ? [prop. VI coroll], et
ducatur ZB.

quoniam est BA®: AZ:=AT:TE, BA® ad 4Z?
rationem habet, quam numerus 4I" ad numerum I'E,
itaque B.4?, 4Z? commensurabilia sunt [prop. VI].
uerum 4 B? rationale est [def. 4]. itaque etiam 4Z?
rationale est [id.]. quare etiam 4Z rationalis est. et
quoniam AI':I'E rationem non habet, quam numerus

1) dvvarod lin. 3 — pyuvvousy lin. 6 Euclides non scripsit;
uncis ea inclusit August II p. 359. nescio, an idem recte de
ambobus lemmatis totis dubitationem iniecerit. sed satis an-
tiquo tempore interpolata sunt.

15. og] supra scr. m. 1 V. 6] ras. .  A4I'] in ras. m.
1P 17. verpdymvor) om. V. 18, oov] om. P.” 19. 4I']
ra V. 21 éouiv P.° 28 waly) P, 24 ATl I'a F.

ovx] supra scr. m. 1 P. .25, 8v 6 V.
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000t 70 dmd vijg B.A dga medg ©o amd vijg AZ Adyov
&pev, Ov teTpdyovog doiduds mds TeTQEyovOv dQLY-
pov: dovuustgog dpa dovlv 1 AB tff AZ poxs af
BA, AZ dga ¢yral &lor dvvauer poévov oGvpusrgor.
xol émel [dovv] @g 6 AT mgog zov I'E, ovrmg 10
and tiig BA medg ©0 amwd vijs AZ, avacvoépevre doa
d¢ 6 I'd mpdg tov AE, otrwg 0 awd tijg AB medg
70 and vijg BZ. 6 6% I'd mpdg ©ov AE Adyov &ye,
0v teTodywvos agududs meds TeTgdywvov aeududy
xal 6 dno viig AB dpa medg vo amo viig BZ Adyov
e, Ov Terpdymvog doududs meodg TETdYRVOY dQUIUsY "
ovuustgog dgo fovlv 1) AB v} BZ wixsi. xel dow
%0 dmd tijg AB i6ov vols and vov AZ, ZB' 3 AB
doo viig AZ psitov dvvaver vij BZ ovupérop Exvri.

Ebgnvrae dpa 0vo Jnral dvvdust udvov evuuergo
ol BA, AZ, deve vy pelfove Ty AB tijg éAdecovos
tijs AZ pcifov dvvaodar te dnd viig BZ ovupuirgov
éovry] pijxers Omwep £0er Ocibou.

A

Ebgety 0Yvo0 ¢yrag dvvdust pdvov ovuué-
TQovg, ®6Te TV uelfova vijg Adocovog uelfov
dvvacdar g and aovupérgov favri wijxse.

"Exxeledw $nre; 7 AB xal dvo vevpdyovor dgiduol
of 'E, EA, dove tov ovpnetusvov & avrdv tov I'd

25 w1 &vou TeTedywvov, nal yeygigdw énl vig AB fui-

1. 4B F. &) supra scr. m. 1 P.  4Z] Z e corr. V.

8. B4 P. 4, 4B, AZ BVb AZ, 4B F, elawy B 5.
douv] om. P.  6v] ‘mut. in 6 m. 2 F.  10. xal 4 — 1.
aowyow] mg. m. 1 F (partem abstulit reparatio pergam.). 12.

ovdergos P.  fomw P. 14 fovei pixee V. 15. yvenyres
Fb. 17. pelfova P, ZB Bb.  evppéven F. 18, dmee
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quadratus ad numerum guadratum [lemma I], ne B.4*
quidem ad 4Z? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare 4B, 4Z longi-
tudine incommensurabiles sunt [prop. IX]. itaque
B.A, AZ rationales sunt potentia tantum commensu-
rabiles. et quoniam AI': I'E = B.A®: 47, conuer-
tendo erit [V, 19 coroll] 'd: 4E = AB*: BZ? [cfr.
111, 31. 1, 47]. sed F'd: AE rationem habet, quam
numerus quadratus ad numerum quadratum. quare
etiam 4 B?: BZ*® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque 4B, BZ longi-
tudine commensurabiles sunt [prop. IX]. et 4B*=_47Z3
-+ ZB® [III, 31. I, 47]. itaque A B? excedit 4Z? qua-
drato rectae BZ sibi commensurabilis.

Ergo inuentae sunt duae rationales potentia tan-
tum commensurabiles B4, 4Z eius modi, ut maior
AB quadrata minorem 4Z excedat quadrato rectae
BZ sibi longitudine commensurabilis; quod erat de-
monstrandum.

XXX,

Inuenire duas rationales potentia tantum commen-
7 surabiles eius modi, ut maior qua-

drata minorem excedat quadrato
rectae sibi longitudine incommen-
A4 p  surabilis.

Ponatur rationalis 4B et duo
numeri quadrati I'E, EA eius
modi, ut numerus ex iis compositus I' 4 quadratus non

r E d

#3ec deitou] :~ P, om. BFb. Seq. lemma, u. app.  23. deib-
pol] om. FV. 24, zé%] (alt.) vy b.
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wvxdiov 10 AZB, xol wemonjodw wg 0 AI' mgog Tov
T'E, otrwg ©6 amo tijg B.A meds ©d amd zijs AZ,
xel émelevydo 7 ZB.
‘Ouolwg 07 delkopsy 16 med Tovrov, Ot af BA, AZ
5 §nvel sloe dvvduse udvov ovupergor. xal mel éoviv
g 0 AT mpds vov T'E, otreg 10 and tijs B.A medg
10 and tijg AZ, daveoredpavt dgo og 6 I'd medg
rov AE, otrwg 16 dnd vijs AB medg vo and vijg BZ.
6 0t I'd mgog vov AE Adyoy ovx e, Ov rergdym-
10 vog agududs medg TeTedyavoy deuducy’ ovd dge To
and vijg AB medg ©0 dmd vijg BZ Adyov e, Sv
reTpdyavog agududs meds TeTpdyevoy aeududy* aovu-
usrgog &po doviv § AB v BZ wijxer. xel dverw
% AB vijg AZ psitov ¢ amd vig ZB aovuudrgov
15 éequry.
Al AB, AZ &ou $nrel slo. dvvapst wovov evu-
uevgol, xal 7 AB vijg AZ usitov dvvarer TG awd ¥ig
ZB dovupéroov favri] wijxsi: omsg E0e dstkou.

Ao,

20 Evgelv dvo péoag Svvdpsr udévov cvpué-
Toovg §nTov meQieyoveag, wore tqv uelfova
vijg éAdeoovos pelfov dvvacdar ©d émd ovu-
uéroov éavey prxec.

"Exxelcdwoay 8o $nrel Svvduse uovov cvuuergor

25 af A, B, @6tz tjv A pelfova odeoav tiig Adecovog
tijg B psifov 0vvacdar T dmo ovuudrgov Savrij wixes.

1. Post xal del. #nelevgdo m. 1 P. I'd P.  zév] om.
Fb. 2 Bd4lecorrm.2V. BZb. 8. BZP. 4768,
corr. m. 1. "¢ #v v Theon (BFVb). BA] e corr. m, 2V,

b. eloew B. 6. vév] om. BF, 7. I'd]l AT'b. 9. I'd]
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gitlemma IT], et in 4 B semicirculus 4 Z B describatur.
efast AT:TE=B.A*: AZ*® [prop. VI coroll), et du-
ostur Z B.

lam similiter ac in praecedenti [p. 86, 18 sq.] de-
monstrabimus, B4 et AZ rationales esse potentia
fanfum commensurabiles. et quoniam est 4I':TE
=BA*: AZ? conuertendo [V, 19 coroll.] erit '4: AE
=BA4A:BZ? 111, 31. 1,47]. verum I : AE rationem
non habet, quam numerus quadratus ad numerum
quadratum. quare ne 4 B? quidem ad BZ? rationem
habet, quam numerus quadratus ad numerum qua-
dratum, itaque 4B, BZ longitudine incommensurabiles
st [prop. 1X]. et AB* = 4Z% 4 ZB® (111, 31. 1, 47].

Ergo 4B, AZ rationales sunt potentia tantum
tmmensurabiles, et 4B quadrata excedit 4Z qua-
{rito rectae ZB sibi longitudine incommensurabilis;
quod erat demonstrandum.

XXXI.

Inuenire duas medias potentia tantum commensu-
nbiles spatium rationale comprehendentes eius modi,
it major quadrata minorem excedat quadrato rectae
sibi longitudine commensurabilis.

Ponantur duae rectae rationales potentia tantum
tommensurabiles 4, B eius modi, ut maijor 4 qua-
drata excedat minorem B quadrato rectae sibi longitu-

nras. V. obx] postea ins. F. 13. zjj] corr. ex 5 V.  dv-
*ipe b, -gres supra scr. F. 14, pelfoy b.  BZ Fb. _ dovp-
lufem BFb. 18. AZ] BZ, Theon (BFVb) eloww P. 17,
] i P, 18. BZ F. awppetqm F. ousq £de Osikai)
tmp. P, omq b. 22. amd] -d eras. V. ecvppéteov P.

%. dovppérgov P, et F (& del.).  psixe] om. FVb, m.2 B.
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xel T vwd tov 4, B loov Eore to dmd vig I. pt-
cov 0% 16 Vmd tov A, B pfeov dga xal To amd vig
I uéon Gga xel n I t6 0% dmo vijg B loov fote
70 vwd tov I, 4° Jnrov 0% w0 amd vijs B Jyrov
doa xel 1o Umd tav I, 4. xel énel dotiv og m A
nog v B, otrwg ©6 vwd tdv A, B meds ©o amd vig
B, ¢ide vg ulv vmd tév A, B leov dotl ©O amod i
I, v 0% and vijg B loov v6 Vmd wav I, 4, dg don
7 A wpdg iy B, otrwg o6 amd vig I’ medg o vmo
vaov I, 4. g 0% ©0 amd vis I’ meds ©o vmd vev
T, 4, otrwg 0 I meog tqy A° xal ag dee 7 A meods
v B, obrwg 4 I meds v 4. ovuustgog 0% § A
5} B dvvdps pdvov' evpuergog Goa xel v I' ofj 4
dvvduer wovov. xal dove wéeny § I uéen Goa xal
5 A. xal émsl éovw g 7 A meog v B, 7 I' meos

"y 4, 7 0% A4 vijg B uctfov Obvera t6 awo cvp-

20

uérgov éavtfj, xel § I’ doa viig 4 petbov Svverer T
and ovpuérgov éavry.

Evgnvrar &po 0vo uéoar dvvapss uovov evuusrgol
of Iy 4 §nrov meguéyoveon, xal 1 I' vijg A4 psifov
dvvdrar T dmo Gvpuéroov favry wijxe.

‘Opolwg 0 daydicerar xal vd dmo devpuérgov,
6rav §) A tiig B ueifov dvvyrar ¢ and aevuuérgov
favrh].

1. z¢] corr. ex té¥ m. 1 P. 2. i¢] corr. ex 7ot m.
2F. 3.8{]F. 4 4] corr.ex 4 m. rec. b, 4 ¢ (non F).

6. & forv P, Ante émel ras. 8 litt. P. 7. 9md] o- in
ras. V. 8. dctlté b. 14. dowew PB. 15, ottwg % ' FV.

16, ziig] 77 F. ) corx. ex ©6 F.  aovppéreov P, s?m
o ras. 1 Litt. B, ovppérom .  17. Svwijcerar Theon (BFVD).

18. dovppférgov P, supra o ras. 1 litt. B, evpuéren 19

nvenvtos Vb, F m. 2. &ea] supra scr. m, 2 B, ~ 21. dav
uérgov P, supra ¢ ras. 1 litt. B.  22. 84 FV. ¢g] zd FV.
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dine commensurabilis [prop. XXIX]. etsit I ==_4><B.
uerum 4 ><B medium est [prop. XXI]. itaque etiam
I'" medium est; quare I' est media [id.].
| _ sit autem I'>< 4 = B?. uerum B? rationale
est. itaque etiam I'>< A rationale est. et
quoniam est A :B=_4>< B:B? [cfr. prop.
4 B I' 4 XXIlemmal, et I = 4>< B, BB=I>< 4,
erit 4:B=I":I'><d. est autem I'*:I' X d=I":4
[prop. XXI lemma]. quare etiam 4:B=1I": 4. uwerum
A, B potentia tantum commensurabiles sunt. itaque
etiam I', 4 potentia tantum commensurabiles sunt
[prop. XI}. et I"' media est. itaque etiam 4 media
est [prop. XXIII]. et quoniam est A4:B =1I":4, et
A* excedit B® quadrato rectae sibi commensurabilis,
etiam I excedit 4° quadrato rectae sibi commensu-
rabilis [prop. XIV].

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles I, 4 spatium rationale comprehen-
dentes, et I'® excedit 42 quadrato rectae sibi commen-
surabilis.

Similiter demonstrabimus, I'? excedere 4® quadrato
rectae sibi incommensurabilis, si .4® excedat B® qua-
drato rectae sibi incommensurabilis [prop. XXX].

cvupéreov P, et F, corr. m. 1. 28, 5 4] om. P. dv-
wijenran B, dvwjoerar L, dvvyrau ) 4 P.  ovppéreov P. 24
Seq. lemma, u. app.
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ig.

Edgeiv 0vo uéoag dvvdust udvov duvppé-
roovg uéeov megiegovcng, mere TV pelfove
tiig éAddeovos peilov dvvasdar vd amo ovp-
pérgov éavri.

’Exxslodwoay toeis dqral Svvdue pévov evppctoo
af A, B, I', dove vy A vijg I’ peifov dvwacdor 16
dno ovpudroov éovrf), xel ve piv vmd tdv 4, B ldov
dorw vo amd vijs 4. uéeov &ga To amwo viig A wel

10 7 4 doo péon éovlv. v@ 0% vmo vév B, I' leov iorw

15

20

26

10 U70 tov A, E. xol émel dovww dg 1o vmO vodv A,
B mpog 10 vwo rewv B, I', ottwg % A medg v I,
@Ade Té uiv vmd tav A, B loov d6rl ©d amd v 4,
TG 0% vmd vév B, I' loov vo vmo tav 4, E, e
doa ag n A meog iy I, odrwg ©6 amd tijg A meds
70 Vo tov 4, E. ag 0t ©6 dnd vijg 4 medg td VAo
tav 4, E, ottwg | 4 meog vy E* xol og dga § A
npog v I, ovrwg 5 4 mpdg v E. evuustgog 0%
n A vj T dvvduse [udvov). eduustgog doa ol fj 4
tfi E dvvaps pdvov. uéen 0t 4 4* uéen dga xal
7 E. ol émsl doviv ag n A medg iy I'y 9 A meos
v E, 7 08 A4 vijg I' peitov dvverer ¢ amd ocvpps-
Toov éavril, xal ) A doa vig E psifov Svvijesrar T
and ovpuéroov fovrf]. Adyw O1f, Ote xal pdeov fovi
10 Und tov A, E. énmel pop loov éotl vo Omd rav
B, I' v vmd wdév d, E, uécov 0% vd vmé tév B, I'

4. #dgrovog FV.  pelfove L, et B, sed corr.  ovppé-
toov] ¢- add. m. rec. b, 5. wvey L. 6, dnrel of 4, B, I’ V.
7. afl A,B,T')om. V, «f 4, B b. peitove L, et B, sed
corr. 8. ovpuéreov] ¢- add. m. rec. b.  z@] ¢ L. 10,
dott V, comp. Fb. 11. 16 4n6 7y 4, E] m. 1 b, supra scr.

.
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XXXII.

Invenire duas medias potentia tantum commensu-
rabiles medium comprehendentes eius modi, ut maior
quadrata minorem excedat quadrato rectae sibi com-

mensurabilis.
Ponantur tres rectae

I

5 ‘ d—————  rationales potentia tantum
E— commensurabiles 4, B, I"

T— eius modi, ut 4* excedat

I quadrato rectae sibi commensurabilis [prop. XXIX],
et sit 4% = A4 >< B. itaque 42 medium est; quare etiam
4 media est [prop. XXI]. sit antem 4>< E=B><1TI.
¢t quoniam est 4>< B: B> I'=4:TI [prop. XXI
lemma]?), et 42 = A>B, A><XE=BX>T, erit 4:T
=8:4><E. uerum A*: 4> E=A4:E [prop. XXI
lmma). quare etiam A4:I'= 4:E. sed A, I potentia
fantum commensurabiles sunt. quare etiam 4, E po-
tentia tantum commensurabiles sunt [prop. XI]. 4
autem media est. itaque etiam E media est [prop.
XXIII]. et quoniam est 4:'= 4:E, et 4* excedit
I* quadrato rectae sibi commensurabilis, etiam #*
excedit K2 quadrato rectae sibi commensurabilis [prop.
XIV]. iam dico, 4><E etiam medium esse. nam

- 1) Nam 4:B = 4 >< B:B? (cfr. supra p. 92,56), B:I'~=
B><T.

b. rec. v$ dzo zod E. 18 doev L. 14. lgoy dort V. 76
vzo oY A E] m. 1V, supra scr. m. rec. o amo oo E. 16,
] m:o zéy 4, E] m. 1 b, supra scr. =0 dwo 70¥ E. wg 04]
e’ ag V. 19 wévor] om. P,  22. vi] corr. ex 6 m. 2 P.

cvmus-reovﬂ a- add. m, rec. b, item lin. 24. 24. éa'u’v L.

25. 4oty 6] to V, et b, sed corr. _26. 76 vmwd THY
4,E] m. 1 b, supra scr. m. rec. 7¢ axo vo¥ E. 6] zé P.
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[l yao B, I" ¢nval elo dvvapse povov Gvpusrgor],
uéeov doa xal to vmd tév d, E.
Etonvray dpa 0vo péoas dvvduse uévov Gvupergo
ol 4, E péeov megiéyovou, dote tny psifove tijg €hdo-
5 6ovog pelfov dvvacdar v amd cvuudroov Eavri.
Opolwg 07 mddw Oeydijoerar xel vd &mod dovy-
pérgov, Stav §) A vig I' uetbov dvvmrar T dand covy-
uérgov Eavri].

Afjjppe.

10 "Eero tolyovov cpdopaviov ©d& ABI" dpdnv éyov
iy A, xal 0w xddevog 3 A4 Adyw, Ot TH pdv
1m0 tév I'BA loov fovl v¢ amd vijg BA, ©o 0% vmo
tov BI'd leov ©¢ and viig I'A4, xel ©6 vwd vdv B4,
AT leov ©vg émd tijg A4, xel & v vmd twv BI,

16 A4 leov [éotl] ©6 vmd vév BA, AIL.

Kol modrov, 6tv 16 vwd tav I'BA loov [éorl] t
and vijg BA.

‘Enel pag v dodopuvim towydve amd tig S0
yovieg énl vy Pdew nidevos fures ) AA, ve ABA,

20 AAT Gpe tolyove Ouowr é6te 16 T¢ GAp TH ABI
%l adddjdog. xal émel Suoidy ot 16 ABI volyw-
vov 1@ ABA voiysve, ety doa @g 1 I'B medg =iy
BAd, otrwg ) BA medg wqv BA" ©d dga Umo vov
I'B4 teov éotl v ano vijg AB.

1. aiyde — ovppezeor] om. LFVh, mg. m.2 B. elow P.

2. xa/] om. LB, 16 970 tév 4, E] m.1b, supra scr. m. rec.
10 anétobE. 3. nlenvrar LFVDL. ~ 4 oy uév V. 6. cvppé-
roov] d-add. m.rec. b, 6.t®] w0 V. ovppéreov L, et BF, sed
corr. 7. dvvoron Pb. ovpuéroov L, et BF, sed corr. 8. Post
s'ow:g add. dmeg £0sL Jatémv,.‘ Seq. lemma, u. app. 9. ifjpuc]
om. L.~ 10. aw P. 11. 4] $m6 BAT Theon (LBF Vb); 7e.
2Ny vwo BAT mg. P. 12, I'BA] supra add. B PV. Zdotiv L.
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quoiam B >< I'= 4 >< E, et B><I medium est
[prop. XX1], etiam A >< E medium est.

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles medium comprehendentes A, E eius
modi, ut maior quadrata minorem excedat quadrato
rectae sibi commensurabilis.

Similiter rursus demonstrabimus, 4* excedere E?
quadrato rectae sibi incommensurabilis, si 4* excedat
I'* quadrato rectae sibi incommensurabilis [prop. XXX].

Lemma.

Sit 4 BI" triangulus rectangulus rectum habens
angulum A, et ducatur perpendicularis 4 4. dico, esse
[Bx<BA=BA* BI'><I'd=T"A BA>< A=A 4,
B 44=BA> ATl

et primum, esse 'B>< B4 =B A%

nam quoniam in triangulo rect-

"1 angulo ab angulo recto ad basim

- ; r perpendicularis ducta est 4.4, trian-

T/ guli AB4, AAT et toti ABI et

g inter se similes sunt [VI, 8]. et

quoniam ABI'eo ABAd, erit T'B: BAd=BA4:B4
[VI, 4]. quare [VI,17] I'B><BA=AB?

13. Br'4] supra add. I' PF; BI', I'd e corr. V. loov)]
supra scr. m. 1 P. t7is] om. Bb. Al 9. BAT, supra
add. 4 m. rec, P. 14, BI'] e corr. V. 16. Zot(] om.
LBFVb. tov] om. P. 16. tév] om. P. I'B4] FVb,
Bm.2; 'BLB; I'dB P; I'B, B4 FV m. 2, Pm.rec.” &oz(]
om, LBFVD. 19. za] corr. ex /it m. 2 B. ABA4] 4 in
ras. m. 1 P.  20. 44T'? L.  douty LPB.  22. ABA] B
in ras. V. 23. BA] 4B o¢. BA] mut. in 4B V. 24.
I'B, B4 ¢, m..rec. P, m. 2 V.

Euclides, edd. Heiberg et Menge. III. 7
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A e atre O xel 6 Umd vy BI'A lsov darl
t6 and tijg AT.
Kal énsl, dov év dpdoyavio toiyave éd tig do-
s yovieg énl Ty Pdow xadetog axdf, 7 aydeica
5 TdY Tijg Pdoswg TunudTey wien dvaloyov éorviv, éoTiv
doa wg 7 B4 meds tqy A4, ovrmg §) A4 meds TV
A 6 dga vmé tHv Bd, AT loov dotl ©¢ emod
tije AA.
Aéyam, e xal td vno vév BI, A4 leov doti T
10 Vb rov B A, AT. #nel yop, og Epapsy, Guody éote
70 ABI 16 ABA, v dpa &g 7 BI' medg o
T'd, ottwg 1) BA mgog vy AA [éav 0% rédoapeg
eOBelo dvddoyov @6, 1O VRO TOY dxgov ldov éorl
ve vmd vy péowv]. o dga vmd tév BI, Ad leov
16 éo1l v Umd vdv BA, A" Gmep &der Oelbou.

’

Ay.

Eboetv 0vo edBelag dvvapst dovppuérgovg

LoLovoag TO uiv ovyxelusvoy éx tov an avrd v
TeTQapdvav §nrdv, 10 & VX adrev péoow.

20 Exxelo@woav dvo gnral dvvduss pévov evuuergoe
of AB, BT, dove v pelfove vy AB vijg éAdecovog
vijsc BI' petfov 0Vvasdor 16 amd dovpuérgov éavry,
xel vevuodew 3 BI 0lye xare vo A, xal to ap’
omorépag téy BA, AT leov mage v AB megafe-

256 fAjod® mapaiinioypauuov éisimov eldel verouydve,
xal Zotw 10 Vwd vdv AEB, xal peyodpdo énl vig

1. BI'y T'd m, rec. P, m, 2 V. é0t{] om. Fb. 8.
Teiyovo] supra scr. comp. m. 2 B. 6, 4d4] 44 B, 10.
dote] postea ins. F.  11. ABT telywvoy F. - ABd] AT'da
BFbD, et supra scr. Bm. 1 V. 12, 4] 4 in ras. V. 44d]
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eadem de causa etiam BI'>XI'd = AI™,

et quoniam, si in triangulo rectangulo ab angulo
recto ad basim perpendicularis ducitur, recta ducta
media est proportionalis partium basis [VI, 8 coroll.],
erit BA: AA=AA:4I. quare [V], 17 BA> AT’
=dA4

dico, esse etiam BI'>< 44 = BA>< AI. nam
quoniam, ut diximus, trianguli 4BI', 4B similes
sunt, erit [VI, 4] BI': I'd = B.A4: A4, itaque?)
BI'>< AA4=BA> AT [VI], 16]; quod erat demon-
strandum.

XXXITII.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum rationalem efficiant,
rectangulum autem medium.

Ponantur duae rationales potentia tantum commen-
surabiles 4B, BI" eius modi, ut maior 4B quadrata
minorem BI” excedat quadrato rectae sibi incommensu-
rabilis [prop. XXX], et BI' in 4 in duas partes ae-
quales secetur, et quadrato BA® uel 4I? aequale
parallelogrammum rectae 4B adplicetur figura qua-
drata deficiens [VI, 28] et sit 4E>XEB, et in 4B

1) Uerba quae praecedunt damnaui, quia non magis est,
cur haec propositio omnibus uerbis citetur, quam VI, 17, qua
bis in hoc lemmate tacite usue est.

44 @. 18, dov V.  ©é] corr. ex =g V.  1b. zd] corr.
ex 7o m. 1 F, 76 ¢. tov] om. Bb. Seq. demonstr. alt., u.
app. Omep £0es deifen] comp. Pb, om. BFV. Seq. lemmata,
u. app. 19. 8¢ F. 21. drrovos b, comp. F. 22, uelfova
P, corr. m. rec.  28. 7¢) corr. ex 6 m, 1 V.,  25. mapud-
Anddyoapov P. 26. 4E, EB V, P m. rec.

7.
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AB yuuxvndiov 16 AZB, xal 7380 v AB mog dedag
1 EZ, nal énefevydocav of AZ, ZB.

Kal énel [0vo] &0@slar &wieol slow of AB, BT,
%l 3 AB vfig BI' peifov dvvarew t6 and acvppsroov
favri), 16 O0F terdgro Tob énd vijg BIT, tovrion: 1
anod thg nuioelag avris, loov mage Ty AB magafé-
Biyrar magadinAdygappov éAAsimov &lder Terpaymve
nol moel ©0 vmd tov AEB, dovuustgog doe f6tiv 3
AE ©jj EB. xaf éovw dg | AE meos EB, otrwg
76 Und tov B.A, AE meds ©6 vnd tov AB, BE, loov
02 70 pdv vmo tov BA, AE vp ano tijg AZ, 0 02
om0 ©év AB, BE t¢ dmd tijg BZ' dcvppcrgov &oa
orl 10 amd vijg AZ v and viig ZB' of AZ, ZB o
dvvdus sloly dovppetoor. xol émel ) AB gnri doTiw,
dntdv doa dorl xal 16 amd vijg AB° dove xal O
ovyxelpsvoy éx tov and vov AZ, ZB gyrév éetiv.
xel émel midw 16 vmd vdv AE, EB loov éotl T
ano vijg EZ, vmwoxszar 0% 10 vnd tov AE, EB xal
T and vijg BA leov, lon éoa éevlv § ZE vjj BA-
dumdy) doa 7 BI zfig ZE: dore xel 16 Umo vév AB,
BI" ovppcroov éovi g vmo tév AB, EZ. péoov 0%
76 Umo tov AB, BI™ uéeov dga xal ©o Umo tov AB,
EZ. loov 0t v0 vmd tdv AB, EZ t¢ vnd védv AZ,
ZB' péoov dga xal t6 vmd tov AZ, ZB. dslydy
0 xel onrév v0 ovpxslpevov & rTév an’ avrov Te-
TQOY DYDY,

T 1. AB] AEBb. ABZP. 3. 3%0] om. P, post sd@sien
ins. m. 2. «f] m..rec. P. 4. ovppéreov FV, corr. m. 2.

5. %0 (v V) 8% tévagrov BF Vb, corr. m. 2 BV (zerdere m.
rec. b).  vis] vijs fAdecovog riig Theon (BF VD).  zovric-
v P. ‘l.'tqu 76 Fb, corr. ex ro m. 2 B. 6. igov] om. Fb,

m. 2 B. 7. zegailnléyoappor] om. Fb, m. 2 B. °~ 8. A4E,
EBV, m.rec. P. 9. moog zjv EB V. 10, zaw] (alt.) om. P.
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describatur  semicirculus
AZB, et ducatur ad 4B
perpendicularis EZ, et du-

4 £B T cantur 4Z, ZB. -
et quoniam 4B, BI inaequales sunt rectae, et
AB? excedit BI” quadrato rectae sibi incommensu-
rabilis, et quartae parti quadrati BI', hoc est (4 BI"),
aequale parallelogrammum rectae 4B adplicatum est
figura quadrata deficiens et efficit 4E><EB, AE et
E B incommensurabiles erunt [prop. XVIII]. est autem
AE:EB =BA> AE: AB>< BE [u. p. 95 not.]; et
"BA>< AE = A47?, AB >< BE — BZ? [u. lemma].
itaque 4Z% ZB? incommensurabilia sunt [prop. XIJ.
quare 4Z, ZB potentia incommensurabiles sunt. et
quoniam A4 B rationalis est, etiam 4B® rationale est.
itaque summa quadratorum 4Z% -4 ZB? rationale est
[1,47]. et quoniam rursus 4 E>< EB = EZ?[u.lemmal},
et supposuimus, esse etiam AE >< EB = BA%, erit
ZE=Bd. itaque BI'=—2 ZE. quare etiam 4B><BI"
et 4B>< EZ commensurabilia sunt [prop. VI]. uerum
AB>< BI' medium est [prop. XXI]. itaque etiam
AB>< EZ medium est [prop. XXIII coroll.]. uerum
AB > EZ = AZ >< ZB [u. lemma]. itaque etiam
AZ><ZB medium est. demonstrauimus autem, etiam

summam quadratorum earum rationalem esse.

4

12. ZB P. 18. éotiy P. ZB] gprius) BZ FVb. 14.

4ot BY, comp. Fb.  1b. §nrov &ea éor/] mg. m. 1 F. 16.

dore BY, comp. Fb. 19. BJ] (alt.) in ras. m. 1 P.  20. 7i¢]

corr. ex =i m. 1 V. 21. evppsreor] dumddgior Theon (BFVh);

mg. m. 1: 8¢ 70 iy BT Oumlaclove slvor tiig Bd, iy 8%

B4 tony elvar tj; EZ pro scholio P.  ©$)] zov Theon (BFY).
22. ABI" BFDb, et V, corr. m, 2. 238, 6] om. b,
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Edonvrar dpa O0vo eidelar Ovvaust devuustgos
of AZ, ZB mootoar T6 pdv cvyxsiusvov éx tév am’
avtov tergaywvay §nrdv, o 02 On’ avrev pésov:
Omeo #0s Ostkou.

' A0'.

Evgeiv 0vo evdelag dvvduer dovpuéroovg
moLovGag TO uiv cvyxeluevov éx todv an av-
TéY TET9ayBvay pédov, 16 8 U7’ avrdv gnTiv.

’Exxelodaoay 0vo uéoar dvvaust uévov svpustoor

10 of AB, BI" ¢nrov megiéyovoat 6 Un’ avrdv, @6rs

15

20

26

v AB wvijg BI' petfov Ovvachar 16 amd dovuué-
Toov faury), xal peyodgpdw énl tijg AB 16 AAB
uexvxdiov, xel verpiede 4 BI 8lye xatd ©o E, xal
neguBefiicdo mags: Ty AB 16 dmo g BE leov
noapaAinidyoappov EAdelmov &lder teToaydve TO VWO
1oy AZB" dedupuergog doo [éoriv] 7| AZ ©fj ZB
prjxs. xal @0 ané tov Z v AB medg opdag %
ZA4, el énstevydocay of AA, 4B,

‘Emel dovppcreds éotv 1) AZ vij ZB, aevuustgov
doa éovl xal ©0 Vmd vy BA, AZ 16 vmd tdv AB,
BZ. loov 0} ©o uiv Owd vdv BA, AZ 16 ano vig
Ad, vo 8% vmd vév AB, BZ v amd vijg 4B* dovy-
uetoov dgo fori xal ©d awd tig At axd vig AB.
xol Zmel péoov dorl o amd vijc AB, uéoov doa xal
10 ovyxslpcvov éx tov oand tov Ad, AB. xal émsl

1. poenvrar FV, 8. $nrdv b, corr. m. 1. 8’ BVb.
an’ Eq 4. deikec] eveeiv b, mg. m. 1: yo. deifor; in F
mg. m. 2: yo. sveeiv. 7. t6] corr.exziv P. 8. 3¢ F. 1L
gvppérgov F, corr. m, 1. 1b. éldeimov elder TerQuydve] om.
Fb, m. 2 B. 16] wotovw 76 V. 16. tov AZB] non liquet F.
AZ, ZB V. o¢dpperoog @, et B, corr. m. 2. ~ éoziy] om. P,
fotae 9. ZBY BZ P, 18. Zd) 4Z e corr. m. 2 V. 4BE]
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Ergo inuentae sunt duae rectae potentia incom-
mensurabiles 4Z, ZB, quae summam quadratorum
morum rationalem efficiant, rectangulum autem me-
diom; quod erat demonstrandum.

XXXIV.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum mediam efficiant,
rectangulum autem rationale.

Ponantur duae mediae potentia tantum commen-
surabiles spatium rationale comprehendentes 4B, BI"

eius modi, ut 4B* exce-
dat BI™ quadrato rectae
) ' sibi incommensurabilis
4 z5 5 7T [prop. XXXT], et in 4B
describatur 44 B semicirculus, et BI' in E in duas
partes aequales secetur, et rectae 4B quadrato B E? ae-
quale parallelogrammum adplicetar 4Z>< ZB figura
quadrata deficiens [VI, 28]. itaque 4Z, ZB longitu-
dine incommensurabiles sunt [prop. XVIII]. et a Z ad
rectam 4B perpendicularis ducatur Z4, et ducantur
A4, 4B.

quoniam 4Z, ZB incommensurabiles sunt, etiam
BA>< AZ et 4B >< BZ incommensurabilia sunt [prop.
XI]. uerum BA>< AZ = A4* AB > BZ = AB?
[prop. XXXII lemma]. ergo 4.4% 4B*® incommensu-
rabilia sunt.

et quoniam 4 B? medium est, etiam 4.4%-} 4B?
medinm est [III, 31. I, 47].

corr. ex AT V. 19, xal énel V, imel ooy m. rec. P.  28.
fotly P.  <ii¢] (alt) om. P. TI'Bb, corr. m. 1.  25. 4B]
m ras. V.
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dimdy éovww 3 BI tijg AZ, dimidoiov doa xal 1o
V7o tév AB, BI vob vmd tav AB, ZA. ¢nrdv 6t
t0 Umd tov AB, BI" ¢qrdv doa xal ©d vmwd tdv 4B,
Z4. 3o 0t vmd vov AB, Z 4 loov té vwd tov Ad,
4B @ors xal 16 Vo vov AAd, AB §qrdv éovv.

Evonvras dpa 0vo evdeiar Svvdauer aovppctgor of
Ad, AB mowovdar 10 [utv] cvyxelusvov & tdv dn’
atéy tergayavay pédov, 10 0 VR atrodv Gnrov
Omep £0s Octtau.

is'.

Edgeiv 0vo e08elag dvvdper acvupuérgovs
ToLOVGRg TO T GvyxelpuEvoy €x Tdv &x’ avTov
rergaydvav pédov xal 10 VX avrév wécov xal
&1L dovppeTgor TP CvpxELpive €x TOV an’ av-
TV TETQRYDVQ.

"Exxclodmoay 0vo péoar dvvduse wovov evpusrgos
af AB, BI" péoov megiégovoas, deote vy AB wijg BT
peilov OVvacdor Te and dovuppfroov favrij, xel ye-
yodpda éml tig AB quxvxdiov vd AAB, xel T
Aowwa yeyovérw voig émdve Spolms.

Kol énel aovpusreds éoviv 7§ AZ v ZB uius,
aevpuergds ote xal 7 A vij AB dvvdus. xal énel
uéoov Zotl o amd wiig AB, péoov dge xal vo oupxel-
pevov éx vév amo vov Ad, AB. xal émel T vwo

1. Oindij] dimdwsiwy Theon (BFVb). 2. tov] e corr. F.
Post Z4 a dd. mcte el ovppeteor V, B m. 2. . Post BI'
add. Theon: dmwdusirar yop (0vtwg add. V) (BFVb) 4. 24]
corr. in BZ m. 2 F, corr. ex BZ m. rec. b. 7] vé BF, 1
St ts b. 6] ¥6 BFb. to?] om. Pb. 6. nvgnwa; Vb.
odpperoor P, corr. m. 1. 7. pév] om. P. 8. verodymvoy
FetV, sed com. 8¢ F. 9. Gmse &des Jeifon] comp. P,
om. BFVb. 10. 15’ F, corr. m. 1.  18. zeredywwvoy b, et F,
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et quoniam BI'=2 AZ, erit etiam 4B><BIl=
2 AB>< Z 4. verum 4B >< BI rationale est. itaque
etiam 4B >< Z 4 rationale est [prop. VI;def.4]. uerum
AB><Z 4= AA4> 4B [prop. XXXII lemma]. quare
etiam 4.4>< 4B rationale est.

Ergo inuentae sunt duae rectae potentia incommen-
surabiles 44, 4B, quae summam quadratorum suorum
mediam efficiant, rectangulum autem rationale; quod
erat demonstrandum.

XXXV,

Inuenire duas rectas potentia incommensurabiles,
quae et summam quadratorum suorum mediam effi-
ciant et rectangulum medium et simul summae quadra-
torum incommensurabile.

Ponantur duae mediae potentia tantum commen-
surabiles 4B, BI’ medium comprehendentes eius modi,
ut A4B? excedat BI® quadrato rectae sibi incommen-
surabilis [prop. XXXII], et in 4B semicirculus deseri-
batur 4 4B, et reliqua fiant, sicut supra.

et quoniam AZ,

4 ZB longitudine in-
commensurabiles sunt,

r etiam 44, 4B po-
tentia incommensura-
biles sunt [prop. XI]. et quoniam 4 B? medium est, etiam
AA4? + 4B? medium est [prop. XXII coroll]. et

A zBL'v

sed corr. 17. BI'] (alt.) I'b. 18. svppéreov betF, corr.m. 1.
19. A4B] corr. ex ATBm. 1 b, AB4 @.  20. ysyovito]

supra scr, . Imdve elpnuévorg V. Opolwg] om. Fb, m, 2

BYV. 21 éns/] om. B, corr. m. 2. orv ] supra m. 1 P.
ZB] BZ B. ~ 22. éeu] dou forl F, donv B.
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tov AZ, ZB loov otl 1o ap’ éxarégag tév BE, AZ,
len doo éotlv vy BE t5; AZ* dumiij dpa v BI ig
Z4° dere xal 10 Umo 1ov AB, BI' dimidoidy éenu
T00 Umd tov AB, ZA. péoov 0% tvo vmo rav AB,
BI" uéoov dga xal ©0 vwo tav AB, ZA. nal éeriv
lgov te vmd tév Ad, AB* péoov &ga xal To VWO
16y AAd, AB. xal énsl dovpusrgds fotiv 3 AB zj
BI’ uvyxs, ovuupergog 6% % I'B z5; BE, devuuctoos
doa nal 7 AB vj BE wixer' dove xel 10 @m0 g
AB 16 Umd tdév AB, BE dovpusrodv éotwv. alia
t& udv ano vijg AB loa fovl ve amd tov A4, 4B,
1 0} vnd vév AB, BE loov éotl 16 vmd tdv AB,
Z 4, vovréer 16 vmo tov Ad, AB° aovpusrgov dou
dorl vo ovpxsipsvov & tdv dwd tov Ad, 4B vo
Vo tov Ad, 4B.

Etonvrar &po 0Vo &vdsiow of AA, 4B dvvaust
AOVUUETPOL ToLoDOaL TG TE cupxsipsvov &x THwv am’
avrdy uioov xal 0 VX avrov pédov xal fri covu-
HETQOV TG OUPRELUEVD €x TGV AN’ aUTBY TETQRYGYOY®
oneg £0er Osikou.

5.

Eav dvo ¢nral dvvdust uovov 6Juusroor
ovvred ooy, 3 0An &Aoydg é6Tiv, nalslodw OF
éx dvo dvopcrav.

Zvyxelcdwoay peo 0vo gnral dvvdue udvoy 6vu-
petgor of AB, BT Adym, Gti 8An vy AT &hoydg éomuy.

1. 4Z] dZ b, t¢) v® dné P, corr. m. rec. 8. 42
BFb. 4. 7ov] 76 F, corr. ex zé m. rec. P, mut. in 76 m. 1 b.
70 Om6 — b. dex wal] mg. m.2B. 8. BI'|I'BF. TB]
mut. in B’ V. 9. 4B] B4 ecorr. m. 8 V.  16] ins. m.
2 F. 10. ©®] corr. ex o F. odupergoy F, corr. m. 1. dox
dotly b, dow supra add. . 11, dovdy P. ta’iv) ins. m. 2 F.
12, z@] corr.exté m.1 F. 18, 4Z B. tovviouv P. 14
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quoniam AZ >< ZB = BE® = A4Z% erit BE = A4Z.
itaque BI'=2 Z 4. quare etiam AB><BI'=2 4B
>< ZA4d. uverum 4B><BI" medium est. itaque etiam
AB><Z 4 medium est. et 4AB><XZJ=A44>< 4B
[prop. XXXII lemma]. itaque etiam 4.4 >< 4B me-
dium est. et quoniam 4 B, BI longitudine incommen-
surabiles sunt, et I'B, BE commensurabiles, etiam
" AB, BE longitudine incommensurabiles sunt [prop.
XIII]. quare etiam 4B? et 4B >< BE incommensura-
bilia sunt [prop. XXI lemma; prop. XI}. uwerum A .*
4 4B* = AB® [I, 47] et AB><ZAd = AB>BE
= AA> AB. itaque A4+ AB® et A4>< AB in-
commensurabilia sunt.

Ergo inuentae sunt duae rectae 4.4, 4B potentia
incommensurabiles, quae et summam quadratorum
suorum mediam efficiant et rectangulum medinm et
simul summae quadratorum incommensurabile; quod
erat demonstrandum.

XXXVL

Si duae rectae rationales potentia tantum commen-
surabiles componuntur, tota irrationalis est, uocetur
autem ex duobus nominibus.

Componantur enim duae
rectae rationales potentia tan-

4 B T

réw ] (prius) maut. in zijg m. 1 b, 16, «f A4, 4B] om. V.

18. adtdv teroayovay V. pédoy xal] mg. V. »al 7o
seq. ras. 1 litt. V, 70 84 Fb, 76 8" B. 20, omee #0er Seikou
comp. P, om. BFVb. B8eq. goyn tév xasw cvvdeowy ffdday
BFb, mg. V; et in mg. dvreidey doyetar mogedidovar xazo
avv@eoy 2k (EEijs V) dldyovg BF VD, 21, is’'] mut. in 1f° F.

23. dove BV, comp. Fb. xedeiran P.  26. 1] om. FVD,
m. 2 B. AB b, corr, m. 1,
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’Enel yao aovupergos éotww § AB vfj B pijxe
dvvdpe yag udvov elol ovpuerpor” dg 02 7 AB meog
v BI, ottwg o vmd tdv ABI meds ©6 amd wis
BT, aevuuergov dge éotl ©6 vmd tév AB, BI' o
and tijg BI. dAda v6 udv 9md tov AB, BI' ovu-
perody €ote ©0 Olg Omd tov AB, BI, ©d 6% dnd vijg
BT ovpperoe éove T dmo vov AB, BI' of yag AB,
BT gnral sloe dvvduse uovov Gvuuergor® devuueroov
dpa otl 7o dlg vwd 1ov AB, BI 7oig dnd téov AB, BI.
xal ovvdévty ©o Olg Umo vdv AB, BI' uera vév amod
tév AB, BI, toviéere ©0 amd wijg AT, acvuucrody
dore 16 ouyxauéve éx vy and tév 4B, BI. gyrov
0% ©0 ovyxeiusvov éx tidv amd vov AB, BI™ &ioyov
doa [éo7l] ©0 amd v AL dove xal § AT &Aoydg
éorv, nokelo®o 0 éx dvo dvopdrwv: Omsp Ede
dsitou.

Ag.

Eav 0vo péoar dvvaper pdvov ovupsrtoor
ovvteddoL ¢nrov me@iéyovoar, 5§ 64y &Aoydg
éotiv, xadelodo 0t éx dvo pédov modry.

Svynslodwoay pag dvo udeas dvvdust uévov ovu-
usrgor of AB, BI $qrov megiégovear Aéyw, 8me GAy
n AT &ioydg éouv.

1. evppstgog P, corr. m. 1. 8. 9=d] ¢ in ras. in extr.
lin. F.  zaw] viig F. ABI'] ABF; 4B, BI e corr. V, m.
rec. P. ax0 tijg BI'] seq. & eras. b, vmé vy 4B, BI' F.

4. Ym0 tov] dme tijg .  BI']l om. F.  B. awo zijg] v=o
tév ABF. 7. BI'] (prius) 4B F, sed corr.?  af — 8. ovp-
psro%:; om. Theon (BFVb). 8. dovppergoy oo fotl ©é] 7o
doa V, dore xal 6 BFb. 9, toig] dodupsteov dove vois F.
BT devppereoy fore BVDb.,  10. gvvrzfevee Pet 'V, sed corr.;

“ovvredév F, corr. m. 1 et 2. ra'wg(alt.) com.extovm. 2 F. "11,

AB] corr. ex AT V. tovtéomw P, 12, domv P. 18, &loyos
F, corr. m. 2. 14. 6v{] om. BFVb. 15. é6r: PBYV, comp.
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tum commensurabiles 4B, BI. dico, totam AT ir-
rationalem esse.

nam quoniam 4B, BI" longitudine incommensura-
biles sunt (nam potentia tantum sunt commensura-
biles), e¢ 4B:BI' = AB > BI': BI'"* [prop. XXI
lemma], etiam 4AB><BI et BI'? incommensurabilia
sunt [prop. XI]. uwerum 4B >< BI' et 2 AB>< BI'
commensurabilia sunt [prop. VI], et 4B*+4 BI'?, BI'*
commensurabilia sunt (nam 4B, BI rationales sunt
potentia tantum commensurabiles) [prop. XV). itaque
2 AB >< BI' et AB? 4 BI? incommensurabilia sunt
[prop. XIII]. et componendo

2 AB><BI'+ AB* -+ BI™ hoc est AT (11, 4],

et 4B% 4+ BI? incommensurabilia sunt [prop. XVI].
verum .4 B? 4 BI® rationale est. itaque AI? irratio-
nale est [def 4]. quare etiam AT irrationalis est
[def. 4], uocetur autem ex duobus nominibus; quod
erat demonstrandum.

XXXVIL

Si duae rectae mediae potentia tantum commen-
surabiles componuntur spatium rationale comprehen-
dentes, tota irrationalis est, uocetur autem ‘ex duabus
mediis prima.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI" spatium rationale compre-
hendentes [prop. XXVII]. dico, totam AI irrationa-
lem esse.

Fb. Ante oxsg schol. est, u. app.  Gmep #3se deifac] comp.
P,om. BFVb. 17. 1y F. 19. ovstsdaowy BF. 20. 4or:
PBY, comp. Fb. 21, ovyxeleloBwoar b.  22. xal ifyw F.
iln] post ras. 1 litt. P, om. Fb.
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Emel yag devpuctods fotiv v AB vfj BI uajuer,
%el Ta awd 16ov AB, BI' doo acvuueros é6ve T Olg
vno vév AB, BI' xel ovvdévr ve awd tov AB, BI
uere tov Olg vmd vov AB, BI', dmse éotl ©o amd
5 tijg AT, dovupstedy éove 16 vmd tév AB, BI. gnrov
0% 76 Umo v AB, BI" vmoxewron yeg al AB, BI
vV meguéyovoar Gloyov dee ©0 amd tig A &Aoyos
doa ) AT, xaleloBm 6% éx 0vo uéowv ooty Onee
e dcttar.

10 Ay,

'Ecv 0Yo péoar dvvduer pudvov eluusroor
ovvredwor pécov megiégovear, B 8Any &Aoydg
éotiv, xoielodw 0 éx dvo péeov dsvréga.

Zvyxelo@mcay pog 0vo uéoar dvvdusr udvov ovu-

15 uergor af AB, BI” péoov meguéyovoar: Aéywm, Gt &doyos
dorwv 7§ AT.

‘Exxeloda yog onry n AE, xal 1¢ and vijg AT
loov maga Ty AE magafeflicdn ©o AZ mddrog
mowoty vy AH. xel émel ©0 amo vijg A lcov orl

20 Tolg ©& amo tév AB, BI' xal ©d Olg vmd vav AB,
BT, mepofspricdo 0% toig amd teov AB, BI' magd
iy AE l6ov ©6 EO® lomdv oo vd6 OZ loov ol
16 Olg vmd 16y AB, BI. nxuoi émel uéon oviv éxa-
tépa Ty AB, BI', péee dga éotl xal td amo vV

1. tfj] m.rec. P. AT b, 2. dovi 2¢] corr. ex foto
m. 2 B. taﬁ};l corr. ex 76 . 3. xal] om. Theon (BFVh).
ovveeBévee P, doo vd Theon (BFVYV). 1d] e V. 4

dotiv P. 10 amc] in ras. m. 1 P, 8. cvpperee F, sed. corT.
éouv P, BI']posteains.F. ¢nrov — 6. BI"il (prius) om. Fb,
m 2B 6 yde] m. 2B, 8¢ Fb, Bm. 1. ol] ai dwo sa¥ b.
7. loyog — 8. AT'] mg. m. 1 P. 8. modtn] seq. schol,
u. app. omeg £3s dzifer] comp. P, om. BFVb,~ 10. W F.
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nam quoniam 4B, BI" longitudine incommensura-
biles sunt, etiam 4 B2 BI"™ et 2 A B >< BI' incommen-
p g p surabilia sunt [cfr. p. 108,1sq.]. et com-
+—————+ ponendo 4B 4 BI® 4 2 4B >< BT,
hoe est 4" [II, 4], et 4B >< BI' incommensurabilia
sunt [prop. XVI]. uerum .4 B>< BI rationale est; sup-
posuimus enim, 4B et BI spatium rationale compre-
kendere. itaque 4 I irrationale est. ergo AT irratio-
nalis est [def. 4], uocetur autem ex duabus mediis
prima; quod erat demonstrandum.

XXXVII.

Si duae mediae potentia tantum commensurabiles
weponuntur medium comprehendentes, tota irratio-
nalis est, uocetur autem ex duabus mediis secunda.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI' medium comprehendentes
[prop. XXVIII]. dico, AI" irrationalem esse.

B ponatur enim ra-

4 = ir tionalis 4E, et qua-
4 6 H drato A4I* aequale
rectae 4E adplicetur

A4Z latitudinem effi-
Z ciens 4H [1, 44]. et
quoniam AT == AB%* 4 BI'* 4 2 AB>< BI [II, 4],

12. gvvrefdorw PF.  18. dore BV, comp. Fb.  17. yde]
mm. FVb, m. 2 B. 1] corr. ex « V. T(] coIT. ex To m.
2P, 2l Post BI" add. Theon: 7o 6} dxo trig AT isoy docl
W AZ, xal 10 AZ uoa foov éoti zolg (rz add. V) and tov
4B, BI’ mxl té dlg vmé v AB, BT (BVb, F mg. m. 1)

dn nege Ty ‘dE V. magw mv 4E] om. V. 22, dotl]
w2 F. 24. uéon B, corr. m. 2. ot{] m. 2 V.
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|
AB, BI. uéeov O vmoxerrar xal v Olg vmO TV |

AB, BI. xal é6ve voig utr amd tov AB, BI' ieov
0 E®, 16 0% dlg vmd rov AB, BI" loov v0 26
péoov &pa &xdregov twv EO, OZ. xal mage nriy
iy 4E magdxever qvy doo éevly éxavépa Tav
460, OH xal devuusrgos v AE wijuer. émel ovw
aovpueteds fovw 3 AB v BI pajme, xal oy ag
% AB mgdg v BI', otrwg 16 amd i AB mgog 0
vmo tov AB, BI', aevpucrgov dga éoti ©o6 dmd g
AB t¢ vmd tov AB, BI. dlde tg pdv dmo is
AB ovpperody éati TO Gvyxelusvov & TV AWO TAY
AB, BI' verpeywvov, td 0% vxo tév AB, BI' avy-
uerpdy doru vo dlg vnd tov AB, BI. devuucroov dpu
dotl 10 Gupnelpcvov éx tdv dmd vov AB, BI' ©g dig
vmd tov 4B, BI. dlda volg u¥d amd twv AB, BI
fgov éotl ©6 E@, té 0% dlg vmd vév 4B, BI' ieov
dori 14 @Z. dovpucrgov &oa éotl 16 EO v O
oore xal 7 A0 vfj OH fovwv dovpustgog pixes. ol
40, OH dpo ¢qral elor dvvdust pdvov oGvuuETeol.
wove 9 AH dAoydg devwv. Gyry 0k v AE ¥6 0F vmo
didyov xal ¢nrijg mspieydusvov dedoyaviov &Aoyov
éotwv' &doyov dpa éovl tO AZ ymelov, xel 1 dvva-
uévy [adro] dloyds doriv. Ovverar Ot ©60 AZ %) A"

1. xal] om. BFb; 6 ¥né tév (om. Fb) 4B, BI" puéoov
&oa Bb, postea ins. F; xsluevov- o 8lg vmo tov 4B, BT
uécov &oo mg. m. rec. B. vmd tév) spat. uac. F. 3. 26]
corr. ex OZ V.  b. magducvrar V. 6, émel odv] xel dmel
Theon (BFVb). 7. xed — 9. BI‘] om. Theon BFVDb). 9.
acvpusTgoy — 10. BI'] punctis del. V. 9. doa] om. FVb,
m. rec. B.  docly P.” amd tijc AB td] cvynslpsvoy éx sdv
and oy AB, BI' w6 8/ Theon (BFVb). 10. ala — 15.
AB, BT (prius)] om. Theon (BFVb). In mg. xef éotew lin. 7

— 4B, BT lin. 15 addito xsfuevoy et signis >< U ad locum
suum relat. V (lin. 10 dzdé pro v=d), eadem B mg. m. 2, nisi
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rectae 4 E adplicetur E@ quadratis 4B%* 4 BI? ae-
quale. itaque reliquum ®Z =2 4B >< BI'. et quoniam
media est utraque 4B, BI, etiam 4B? -4 BI”® media
sunt, supposuimus autem, etiam 2 4B >< BI' me-
dium esse. et E® = 4AB* 4 BI? Z®=2 AB><BI.
itaque utrumque E®, ®Z medium est. et rationali
AE adplicata sunt. itaque utraque 4@, ® H rationalis
est et rectae 4 E longitudine incommensurabilis {prop.
XXII). iam quoniam 4B, BI" longitudine incommen-
surabiles sunt, et 4B:BI'=AB*: AB><BI [prop.
XXI lemma), 4B% et 4B><BI' incommensurabilia
sunt [prop. XI]. uerum 4B? et 4B® - BI” commen-
surabilia sunt [prop. XV], et 4B><BI, 2 4B><BI'
commensurabilia sunt [prop. VI]. itaque 4B%+4+ BI™
et 2 AB>< BI' incommensurabilia sunt [prop. XIII}.
uerum E@ = AB*4 BI', ®Z =2 AB>< BI. itaque
E®, @Z incommensurabilia sunt. quare etiam 46,
® H longitudine incommensurabiles sunt [VI, 1; prop.
XI). ergo 46, @H rationales sunt potentia tantum
commensurabiles. quare 4 H irrationalis est [prop.
XXXVI]. uerum 4 E rationalis est. rectangulum autem
recta irrationali et’ rationali comprehensum irrationale
est [prop. XX]. quare spatium 4Z irrationale est, et
recta ei aequalis quadrata irrationalis est [def. 4].
uverum AI?=AdZ. ergo AI irrationalis est; uocetur

quod om. dwd lin. 14 — AB, BT lin. 15 et del, d@odpperooy

lin 18 — éx zdw lin. 14. 17. ©Z] mut. in ZO V, ZO BFD.
dotiv P. ©Z] 2O Bb.  18. dovppevecs fove V.  prjner)

om. Fb, m. 2 B. Deinde add. #3siy®noay 8% §nrel V, m.

2 B. 19. sloev PB.  20. éors BV, comp. Fb. 22. Zeziv P.
xal] dore wal V. 28, edr6] om. P.  Zeze PBV, comp. Fb.
8% % A4Z v AT dga &loyds éoty F,

Euclides, edd. Heiberg et Menge. III 8
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ddoyog dga éotlv v AT, naksledw 0 éx dvo puécov
devréga. Omep &0 Beifau.

A9,

Eev 0vo cv8eior dvvaus, a6UpuuETQoL GUY-
T1ed 6L moLoVOaL TO piv Gvyxelpsvov éx THV
en’ adTBY TETPAYBVRY §NTéY, TO & VX adrhv
pédov, 1 8iAn svdeia &Aoyds d6Tiv, xuisiodeo OF
peltow.

Svynelodocay pap 0Vo ebdelaw dvvdust aovupe-
toot af AB, BI" motovoar ta mooxelusva® Afywm, O
&hoydg domiv n AT

"Ensl yag 16 vmd tév AB, BI' uéoov foriv, xal
70 Olg [dpe] vmd tov AB, BI' uéoov éotiv. o OF
ovyxelpevov ix tov amd tdv AB, BI' ¢qrév: aevyu-
pergov &po éotl 16 Olg vwd vov AB, BI' 16 ovy-
xepéve éx tév ané vov AB, BI™ dore xal ta amo
tov AB, BI" uevé: tov Oig vmo vév AB, BI', dneo
éotl to amo tijg AL, devppetody dotL td Guyrepéve
éx Tty ano vév AB, BI' [gnrov 0t 0 cvyxsiusvov
éx vov and tév AB, BI']" &hopov doo éotl Td amod
vijg AL dote xal 5§ AL dloyds é6tiv, xedeiodom O
pellwv. Omep é0e Octfa.

u.

'Edv 0vo ev@slar Ovvdust a6UUUETQOL GVV-
T1e0d6L moLovOaL TO uiv CUYRE(pEVOY €% TOV
ar’ «vTidv TeTQaydvey pédov, vo 8 Un’ adrdv

2. Jevtéox] seq. schol., u. app.  Omee £dsc dsifou] comp.
P, om. BFVb. 3, 18'J om. b, u’' F. 4. ovvee®woy PBP.
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autem ex duabus mediis secunda. quod erat demon-
strandum.

XXXIX.

Si duae rectae potentia incommensurabiles com-

ponuntur, quae summam quadratorum suorum ratio-
nalem efficiant, rectangulum autem medium, tota recta
irrationalis est, uocetur autem maior.
—_— Componantur enim duae rectae
4 B T potentiaincommensurabiles 4B, B I,
quae proposita efficiant [prop. XXXIII]. dico, AT ir-
rationalem esse.

nam quoniam 4B >< BI' medium est, etiam 2 4B><BI"
medium est [prop. VI, XXIII coroll.]. est autem 4 B?
-} BI™ rationale. itaque 2 AB><BI" et 4B*+ BI™®
incommensurabilia sunt [def. 4]). quare etiam 4 B?
BI*+2 AB>< BT, hoc est AT% [II, 4], et 4B*--BI*
incommensurabilia sunt [prop. XVI]. ergo 4I" irra-
tionale est; quare etiam A4 I irrationalis est [def. 4];
uocetur autem maior. quod erat demonstrandum.

XL.
Si duae rectae potentia incommensurabiles compo-
nuntur, quae summam quadratorum suorum mediam
efficiant, rectangulum autem rationale, tota recta irra-

5. uév] ve V. 6. zevpayovov b. 1o 8¢ BF, dk o b. 1.
éors V, comp. Fb. 12. 4ot/ PBV, comp. Fb. 13. dea]
om. P. 4ot/ PBV, comp. Fb. 16. zd] 76 B. 18. o1ty P.

cvpuetoor b, corr. m. rec. domv P. 19. $nrov — 20.
BI'] om. P. 20. &loyog F, corr. m. 1. 21. dot. PBYV.
comp. Fb.  22. yeffwv] seq. schol,, u. app. omee #0s deikou]
om. BFb, comp. P. "23. po’ F. 24, vvredaooy BF. 26.
d0é F.

8*
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éntdv, 0 OAy ebPsia dAloyde éoTiv, xadsicdm OF
¢nrov xal péoov dvvaudvy.
Svyxelod ooy yag 0vo evPsiar dvvdues deduucroor
af AB, BT’ moiovi6ar 1 mgoxsiusva  Aéym, 6ve &Aoyog
5 éovww n AT
"Emel yag to ovyxslusvov éx tov dnd tov AB, BT
uéeov éoriv, 7o 0t dlg Umd vov AB, BT gnrdv, dovy-
petgov dge dotl 1o Gvyxslusvov éx Twv awd rév AB,
BT ©6 0lg ¥md ©év AB, BI'* dore xel ©0 axd vis
10 AT dovppeteoy éot. v6 dlg Umd vov AB, BI. $nyrov
0t ©6 dlg Vw0 vdv AB, BI &hoyov dga 10 amd Tij§
AT. dhoyog dpa n AT, xedeloBw 0% ¢nrov xal wé-
gov dvvauévy. Omeo £0& detiar.

o
16 'Eav 6vo e0delar dvvdust ¢60upsTool 6vv-
TEQBOL WoLoVOwL TG T& GuyxElucvoy éx TGV an
avTdY TETQuydveaY uédoy xal To VX adTrdy pé-
Gov el évi aovuusToor @ ovyneLpive X THOV
én’ avrdv vsrgaydvev, 3 Ay sOPsia &Aoydg
20 é6Tiv, nadelodw 0 dvo péea dvvapdvy.
Svynelodocay pag Ovo sHdelar dvvduss devupe-
zoo. el AB, BI' mowoboar o mgoxslpsve: Aéym, Om
7 AT dloydg domw.
‘Exxelod@ ¢nryy 7 AE, xol megefefiiiodo mapa

1. énzov, 7] inras. V.  dom BY, comp. Fb.  xeleiror P.

3. yog] supra ser. m. 1 b, 4 al'] supra m. 1 P.  mpoc-
nefpsve I, sed corr. 8. 4B, corr. m. rec., P. 6. vmo F,
corr. m, 2. 7. pécov%péu- in ras, V. écu’ PBYVb, comp. F.
d¢s] supra scr, m. 1 dntév] corr. ex pécov m. 2 V. ovp~-
peteor B, corr. m. rec. 8. dotv P. 10. z6 — BI'] bis b,
mg. m. 1 P. Post xal add. cvw®évn Theon (BFVD), P m.
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tionalis est, uocetur autem spatio rationali et medio
aequalis quadrata. '

-4 Componantur enim duae rectae potentia incom-
f mensurabiles, quae proposita efficiant, 4B, BI'
[prop. XXX1V]. dico, A I irrationalem esse.

g nam quoniam 4B? - BI* medium est, 2 4B
! 5<BI autem rationale, 4B* 4 BI? et 2 AB><BI'
I incommensurabilia sunt. - quare etiam AT et
2 AB>< BT incommensurabilia sunt [prop. XVI]. nerum
2 AB>< BT rationale est. itaque A I irrationale est.
quare A4 I' irrationalis est [def. 4]; uocetur autem spatio
rationali et medio aequalis quadrata. quod erat demon-

strandum.
XLL

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum mediam
efficiant, et rectangulum medium et simul summae
quadratorum incommensurabile, tota recta irrationalis
est, uocetur autem duobus spatiis mediis aequalis
quadrata.

Componantur enim duae rectae potentia incommen-
surabiles 4B, BI', quae proposita efficiant [prop.
XXXV]. dico, AT irrationalem esse.

ponatur rationalis AJE, et rectae JE quadratis

rec. 12. alo'yog — Al mg. m.1 P, 13. dvwvapnévn] €eq.
schol., u. app.  omee £8ee deifee] om. BFb, comp. P. = 14,
palmut in pp’ m. 2 F. 15. ovwreddow PBF. 17, el
1 v’ avroy pécov] supra scr. m. 2 V. 19, fereaymvm
PV. 7] m. 2F. 20 ozt PBV, comp. Fb. 22 Ta mQo-
selpeve] 70 T2 ovyxsipevoy Ix Tdv and 16y AB, BI" uéooy nal
om0 T@y AB, BT péoor xal i coVppETQOY 16 ovyxeLpéve
f‘}%‘w ano oy AB BT tetoaydévay Theon (BF VD, TETQYHVO
)
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v AE voig ptv and vév AB, BI" iGov ©0 AZ, 16
0% dlg Ymo tov AB, BT loov to HO" Glov &ga o
40 loov éotl v and vijs AL terpayove. xol émel
uéoov éotl 10 Guyxelusvov éx tdv dmd tédv AB, BT,
%ol domv lGov t¢p AZ, pioov &ou Eoti xal 10 AZ.
xel moga §nigy Ty AE megdxsitar: $qvy doo dotiv
1 AH xol devpucroog tij AE pijxst. dia ve avre Of
xal 7 HK ¢nrt) éove xal devupergos vf; HZ, zovr-
éore v} AE, uixei. xol émel dovpusrod fovi T amod
tév AB, BI' 16 Olg vmd réov AB, BI', devpuerodv
ot 10 AZ 16 HO" wore xal v AH vjj HK dovppue-
1o0g dotww. xul &lov $nrel of AH, HK &go gnrar
slor dvvdpsr udvov evuuergor” &Aoyog dpa Zoriv 1)
AK 7 nodovuévy x Yo dvopdreov. Jnry 6t y AE
dloyov &pu éoti 10 4@ xal 7 dvvepévy avrd &Aoyds
dotww. Ovvarar 0k 10 @A §) AT &Aoyog doa fotiv %
AT, xalelodw 0% 0vo uéeo dvvauévy. Omsp e
deitat.
Afjupe.

Ore 0t of slonuévon GAoyor povaydg Oieigovvral
sl tag evdelag, & dv 6Vyrswrar moloVEBY TE TQO-
xelueva &ldn, 'dslbopsv 7j0n mpoexdéusvor Anupariov
TotorTov*

"Exxelodo evdsia ) AB xal teruiedw 7 0An &lg
dvice xo® éxdregov tav Iy 4, vmoxelede 0t uelfov
1. dE] corr. ex 44 m. 2 P. 3. 84 P. 6. 4E] corr.

ex 4 m. rec. B. 7. 8id — 9. pijxer) mg. m. 2 F. 8, forv B.
revreouy B. 9. dodpperooy dote w6 BY. 10. t6 — BIC
mg. m. 1 P (g corr. ex 76 m. rec.). 11. &oe dor{ P. AJH
Hd b, 12, 4ot Vb, comp. F m. 2. slowy B, Post ai
del. 3¢ F. @] m.2F. 18. eloww P.  14. 4K] K e corr.

m. 1 b, 16. éove V, comp. b et m. 2 F, ©4d)] in ras, Vb,
46 corr. ex JHm, 2B, ) AT] m. 2 B.  épa] yde B.
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AB?+4 BI™ aequale adplicetur 4Z, rectangulo autem
2 AB>< BI aequale H®. itaque 40 = AT* [II, 4].

X o et quoniam 4B? -4 BI” medium est et
= A4Z, etiam 4Z medium est. et rectae
H Z  rationali 4 E adplicatum est. itaque 4H

rationalis est et rectae 4E longitudine
incommensurabilis [prop. XXII]. eadem
de causa etiam H K rationalis est et rectae
\ HZ, hoc est 4E, longitudine incommen-
4 B T gurabilis. et quoniam A4B® - BI® et
2 4B >< BI incommensurabilia sunt, 4Z et H® in-
commensurabilia sunt. quare etiam 4 H, HK incommen-
surabiles sunt [VI, 1; prop. XI]. et sunt rationales;
itaque 4H, HK rationales sunt potentia tantum com-
mensurabiles. ergo 4K irrationalis est, ex duobus no-
minibus quae uocatur [prop. XXXVI]. 4E autem ratio-
nalis est. itaque 4@ irrationale est, et recta ei aequalis
quadrata irrationalis [def. 4]. est antem AI™ = 46.
ergo AT irrationalis est; uocetur autem duobus spatiis
mediis aequalis quadrata. quod erat demonstrandum.

4 E

Lemma.
Rectas autem irrationales, quas nominauimus, uno
tantum meodo in rectas diuidi, ex quibus compositae
}——i——i— sint proposita efficientibus, demonstra-
4 4ET bimus huiusmodi lemmate praemisso.

17. dvvapévn] seq. schol., u. app. omso £8e deikor] om.
BFVb. 19, jupa) om. BV, m.rec. P.  20. 8u] w V. 21
mooonelueva F, corr. m. 2.  22. meoBéuevor P, moosendiucvor
B et F, sed corr.  24. Ante ed8eix ras. 8 litt. V. 5 61y
8in FVb. 25. xel na® F. éxdvega BV. dmoxelsBo 0F
nol dwoxelofo P.
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9 AT ©ijs 4AB* Aéyw, Ot ve amo tov A, I'B psl-
tove doti TGy amd tov Ad, AB.
Tetunedw yag 1 AB 0lyo xava ©o E. xal émel
usitov dotiv v AT wijg AB, xowy) donenode 1 AI'"
5 Aowwyy coa n A Aowmig g I'B uelfwv éoviv. loy
0t 9 AE tvij EB* {\dvvav dga 7 AE viig EI* 1a
I, 4 dga enuela ovx ioov dméyovoe vijg diugovoplng.
xal émel 16 Um0 vov AL, I'B pere vov amd vijg EI
lgov éoti ©e dmd tig EB, dAda v xel 16 Um0 THYV
10 A4, AdB pere tob and AE lgov otl tH Gmd vig
EB, 16 dpe vmd tédv AI, I'B psta vov amd vijg EI”
foov Zotl te Umd vov Ad, 4B pera vov amd vig
AE &v 1o éno vijs AE Elaccdy 6t toi amd Tijg
EI™ xal Aowmwdv tpa 0 vmo tov AL, I'B élacoév
15 &671 0¥ VMo v Ad, AB. @6t xel vo Olg Vno THV
AT, I'B 8\aeaov éove tov Olg vmd védv A4, AB. xal
Aoumdy oo O ovyxsiusvov éx tov and tov A, I'B
uelfov éove Tov ovpxaiuévov éx TV amo tov Ad, 4B
omeg £0er Oelfou.

20 uf.
‘H éx 0vo dvoudtwv xate v pdvov onusiov
diargeltar slg T dvopare
"Eotw éx 0vo dvoudtev 7 AB dupenuévy elg te
dvéuara xara ©o I af AT, I'B &pa ¢nral &lor dvva-
25 pEL wovov ovuustgol. Adym, 0ti 1) AB wer &ldo on-
pslov oV Owugeitar &l O0vo (yzag Ovvaper wdvov
GvuuETgovg.

2. Ad] AT corr. in 4B m. rec. b. 4. Post xowws} del.
86 V. AI'l AT b, AT naiP. 6. éldoowy P.  doa doziv P.
7. 4, T"'P. 9 pip] om. P.  10. ziig AE V. 1] s0d b.
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Ponatur recta 4B et tota in I', 4 in partes in-
aequales secetur, et supponatur 4I' > 4 B. dico, esse
AT'? +T'B*> A4 4+ 4B: nam 4B in duas partes
aequales secetur in E. et quoniam 4I'> 4B, sub-
trahatur, quae communis est, 4I. itaque relinquitur
AA4>TB. uerum 4E=EB. itaque 4E < ET. itaque
puncta I', 4 a puncto medio aequaliter non distant.
et quoniam AI'>< I'B +4 EI* = EB?® [II, 3], et
Ad>< 4B+ 4E? = EB® [id.], erit A'><XI'B+4 EI"
=AA4> AB 4+ 4E? quorum 4E*< EI® itaque re-
liquum AI'><I'B < 4. 4>< 4 B. guare etiam 2 4I'><I'B
< 244> 4B. ergo etiam reliquum') 4I* 4 I'B?
> A4+ 4B%; quod erat demonstrandum.

XLIL

Recta ex duobus nominibus in uno tantum punecto
in nomina diuiditur.

Ex duobus nominibus sit 4B in puncto I' in no-
mina’ dinisa. itaque 4I, I'B rationales sunt potentia
tantum commensurabiles [prop. XXXVI]. dico, 4B in
nullo alio puncto in duas rationales potentia tantum
commensurabiles diuidi.

1) Nam
311"’;{- FB'+4 240><T'B=AB*= A+ dB*+4244><d4B
, 4).

11. I'B) in ras. F.  12. tijg] postea ins. F. 13. dv — 4E]
om F.  flacov V. dom] om. V. 14. flerroy BVb, comp.
F (in B supra scr. peifor m. rec., sed del); item lin. 16.  18.
xal] supra scr, F. 18. ¢md] corr. ex vmé m. 2 V.  19.
Ante oxgo add. elmse cvvapgorsea oo Zorl v (zdv b) d=mo
tijc AB theon (BFVD), m. rec. P. 21 %a®” b. 24. word]
supra scr. m. 1 P, gloiy PBPF.
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E¢ pag dvvardv, duneijodw xei xere 10 4, oote
xel vag Ad, AB gyrag slvar Svvdust piévov evuué-
Toovg. Qavegov 07, 0t | AL ©jj AB ovx demv 7
avri]. & pop Odvverdv, forw. Eorew O xel ) A i
I'B 4 avryj* xol S6var eg ) AT mgog oy I'B, ovrag
9 BA meog vy AA, nel éover ) AB xave 1o avrd
] xare 10 I' Oraupéose Oiavgedeioa xal xare 0 4
Omep ovy Uméxeirar. ovx dga 7 AI tf) AB detiv 4
vty O 07 Tovro xal ta I, 4 enusie ovx lGov
dméyovo tijg dryovoplag. ¢ Hoo dixpéos Ta dmd THY
AT, I'B ©dv and tdy Ad, 4B, tovre dapipe xal
10 Olg vmwd vy Ad, 4B rov dlg vwd tov A, I'B
O 7o nal ta dnd rov AT, I'B pera rod dig Um0 Tov
AT, I'B xal vo dmd rav Ad, AB peve vov dlg vmwd
vov A4, 4B lea elvar T dnd tijg AB. dAda v awd
vov AT, I'B tév dmo tov AA, AB diagépe ¢nre:
dnre pog aupdtsoe: xel 1o Olg doo Umd vov A4, AB
rov dlg vmd vy AL, I'B degpépes nre péoe Svrar
Omeg dromov: uéGov yag widov 0vy vmeéysl Gnre.

Ovx dga 1 éx 0vo Svoudtov xat &Ado xal &Ado
onuelov Oiougeiton’ xa® &v dpa udvov: Omsp e
dsibou.

wr'

‘H éx 0vo péomv mowrn xad &v udvov oy-
petov Ororgsitar. '

1. dwugelodo V.  nel werd] xate BFVb, 8. 4B] BA
ecorr.m 2V, 4 07)corr.exdé V. AA] corr.ex ATV,

5. I'B] mut. in BT' V. &g 5 — 6. forax] m. 2 B. 6.
ziv] om. Fbt %] dg¢ 7 b (corr), dg supra ser. m. 1 F.
avrd) «v- e corr. V; avro tpipe P, zufjpe supra scr. m.
2 V. 7. o xare] m. rec. P, Post xef add. 75 supra m.

1 V. 8 4B] ABg. 10. dxéyovery B.  zob &yorouiov P,
corr. m. rec. @] wg ¢. 12, AT, I'B P. 7o%] corr. ex ov
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Nam, si fieri potest, in 4 diuvidatur ita, ut
etiam A4, AB rationales sint potentia tantum
commensurabiles. manifestum est igitur, A4I" et
A B easdem non esse. sint enim, si fieri potest.
itaque etiam A4 et I'B eaedem erunt. et erit
lp A:TB—=BA: 44, et AB etiam in 4 eodem
modo ac in I diuisa erit, id quod contra hypo-
thesim est. quare 4I', 4B eaedem non sunt.
ea de causa I', 4 puncta a medio puncto
aequaliter non distant [ecfr. lemma]. quo igitur
AI? 4 I'B? ab A4 4+ 4B differt [u. lemma], eo
etiam 244>} 4B a 2 AT’ ><X I'B differt, quia 4I"
+TB2+2AT7>XTB=AB =AA+{ AB*+2 44
> AB [I1, 4). uerum AI* + I'B® ab 44 + AB*
spatio rationali differt; nam utrumque rationale est.
itaque etiam 2 44 >< 4B a 2 AI'><I'B spatio ratio-
nali differt, quamquam media sunt [prop. XXI]; quod
absurdum est; nam spatium medium non excedit me-
dium spatio rationali [prop. XXVI].

Ergo recta ex duobus nominibus non diuiditur in
punctis diuersis; itaque in uno tantum dividitur; quod
erat demonstrandum.,

-4

~B

XLIIL

Recta ex duabus mediis prima in uno tantum
puncto diuiditur.

m. rec. P. dv] om. P. AT, I'B] 44, 4B P. 15. 4B]
supra scr. 4 b, ~ 16, Post I'B ras. magna V. =d#] corr. ex
tb. 17, dg«] suprascr.m.2F. A4B P, corr. m. rec. 18,
ATB Pb, corr. m. rec.  19. omee &romov] om, Theon (BFVb).
yiée] 8¢ Theon (BFVD). 21. duegeiter P, corr. m. ree.
Omeg £0er dzifou] comp. P, om. BFVb.  25. Srageitan els
e ¢vopoze Theon (BFVh).
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"Eotw éx 0vo uéowv meary 1 AB dienusvn xore
70 I'y &ore vog Ay I'B péoas elvor dvvdust povov
ovuuétoovs ¢nTov megueyovoag Adyw, St ) AB xer
&Ado enuelov ob diogelra.

Ei yag dvvardv, dujoricdw xal xave to 4, wote
xol 16 AA, AB uéoag siver dvvduss uovov ovuui-
Toovg Gyrov meQueyovoag. imel ovv, ¢ dwagépss 7o Olg
no tov Ad, 4B vov dlg vmd tdv AT, I'B, vovre
diapépss o dmd vov AT, I'B vdv and rév Ad, 4B,
dnve 0t Oapéoer ©O Olg vmo tév A4, 4B vov dig
vnd vov AL, T'B' ¢nre pag dugirsge” (nre dou
duapéoer nal ta and vov AT, I'B tév dnd tév Ad,
4B uéoa Svva omep &vomow.

Odx &ga 7 éx O0vo péowv mewry xat &Ako xel
&Ado onusiov dapeitar &ly T Svduarar xad Py dpe
udvov' omeg 80er delfau.

ud’.

‘H éx dvo péowv dsviégoa xa®d Ev udvov ay-
pelov diargeita.

"Eote éx 0vo uéewv dsvrépe n AB dipenuévy xave
0 I, d6ve tag A, I'B uéoag slvaw dvvdust udvov
ovpuérgovg uéoov megueyovoag” gavegdy 01, otv to I
ovx é6Te xat vig duyovouleg, Ote ovx &lol uixeL Gvy-
uergot. Adyw, Ot v AB xar &Ako omusiov ol Oduou-
o&itat. .

E¢ yep Ovvardy, duerjedw xal xare to d, dors

1. % AB] supra scr, F, corr. ex 57 44 m.rec. P, 4. 09]
om. b. 5. xaf] om. Fb. 9. zé» dnd] in ras. m. 1 P. 10,
4B] supra ser. m. 1 F. 13. Post ovze add. pésov péoov
vmepéye ntdh @. 16 8meq £8ee deikou] comp. P, om. B;'Vb.

17. pd’) mut. in ge’ F. 19. draipeiron &ly ta dvdpata
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Sit 4B ex duabus mediis prima in I" ita diuisa,
ut A", I'B mediae sint potentia tantum commensura-
\ — , biles spatium rationale com-
4 4 B prehendentes [prop. XXX VII].
dico, 4B in nullo alio puncto diuidi.

nam, si fieri potest, in 4 ita dividatur, ut etiam
Ad, 4B mediae sint potentia tantum commensura-
biles spatium rationale comprehendentes. iam quo-
niam, quo differt 2 4 4>< 4B a2 AI'><XI'B, eo differt
AI'* 4+ I'B® ab 44* 4B [prop. XLI lemma)], et
244> 4B a 2 A’ < I'B spatio rationali differt
(nam utrumque rationale est), etiam A4I'® 4 I'B® ab
A4* 4 4B spatio rationali differt, quamquam media
sunt; quod absurdum est [prop. XXVI].

Ergo recta ex duabus mediis prima in nomina non
dividitur in punctis diuersis; itaque in uno tantum
diuiditur; quod erat demonstrandum.

XLIV.

Recta ex duabus mediis secunda in uno tantum
puncto diuiditur.

Sit 4B ex duabus mediis secunda in I' diuisa,
ita ut 4T, I'B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes [prop.
XXXVIII]. manifestum est igitur, I" punctum medium
non esse, quod longitudine commensurabiles non sunt.
dico, 4 B in nullo alio puncto diuidi.

nam, si fieri potest, etiam in 4 dinidatur, ita ut

Theon (BFVb). 28. fouw B. v Sygoropley V.  §ud)
émzdimeg Theon (BFVD). elo/v PB.  26. xel] om. Theon
(BF V).
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tiv AT ©fj 4B un svas oy aevtqr, dlie pelfove
xed vmodeoww Ty A" dfjdov 01, Ote xal Ta amd
vdv Ad, AB, dg éndve siEeucy, éAa6oove THY dno
tév AL, I'B- xoal vag AAd, 4B péoeg elvar dvvdus
5 udvov Gvuuérgovs uéGov megueyovGag. xal éxxsloHo
¢nvy 0 EZ, xel t65 udv anod g AB loov mage v
EZ magaldndiygoppov bgdoyoviov magafefinedo vo
EK, volg 0t dno tév A, I'B i6ov apnenodw o
EH' lomov &ge to OK loov dotl v Olg dmod tav
10 ATy, 'B. maAw 0% zoig and tov A4, AB, dnco
éhxaoove 0slydn vov and tov AT, I'B, isov agy-
0168w 0 EA" xal Aomdv doa t0 MK leov © dlg
oo tav AA, AB. xal énel péoa dorl Ta Amd vév
AT, I'B, pééov boa [xal] ©0 EH. xal maga gnenv
15 v EZ magaxsivas’ ¢nry) doa éotlv ) E® xal dovy-
uergog t5] EZ pajxse. Oia T adve 0y xal ) ON gnrif
éove xal dovuucrgog tf] EZ pijxer. xol dmel af AT,
I'B péoar elal Svvaper uévov 6UVuuergol, dGUBUETEOS
doo fotly ) AT vij I'B pixer. g 08 9 A mpos
20 vy I'B, otrwg ©6 dmo viig AL mpdg 6 Umd v
AT, I'B* acbpustoov dou ot ©o amd tijg AT 6
vno vov AT, I'B." alla tv¢ utv and vijs A" cvupe-
toe fott ta amd vov AL, I'B* Odvvdus pag &l6L
1. AT] Iinras. F. 2. xazd P, dijdow 84, 6vi] dntadi

Theon (BFVDL); 6z add. B m. 2. 8. 4T, I'B gsffova tav
dwd tév A, 4B, d¢ éndve édecfapsy Theon (BFVD). 4. Ante
weel add. fotw 0¢™ V, et in mg. m. 1 "éldcoove Tav dno AT,
I'B. 5. #elo®w V, corr. m. 1. 6. 165] corr. ex 76 V. 7.
wagalinioyeappor éedoywviov] om. Theon (BFVb). 9. OK]
in ras. V.  10. &mee — 11. I'B] om. Fb, mg. m. 2 BV. 11
{dzrova V. 12, EA] dmo t@v AT, I'B B. Deinde add. maley
o0 woils amo tév Ad, dB Elaccoy 20slydn tév dmo rav AL,

r'B B, dnsl wal (nel émel V) ta dwo rav Ad, 4B dlagoova
(érarzove F) 23eiy®n tav amd tév AT, I'E FVb, in V del
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AT, 4B eaedem non sint, sed 4I" maior supponatur
(manifestum est igitur, esse etiam 4.4° 4 JB*< AT
-+ I'B? ut supra demonstrauimus [prop. XLI lemmal]),
et ut 44, 4B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes. et pona-

|
. A ar
N E M 6 iN

tur rationalis EZ, et quadrato 4B? aequale rectae
EZ parallelogrammum rectangulum EK adplicetur [I,
44], quadratis autem A4I™ + I'B* aequale auferatur
EH. itaque quod relinquitur, @K = 2 4" >< I'B
[II, 4]. rursus quadratis 44% + 4B* (quae minora
esse quam 4TI 4 I'B?, demonstrauimus) aequale aufe-
ratur EA4. itaque MK =2 A44><dB. et quoniam
AT 4+ I'B? media sunt, EH medium est. et rectae
rationali EZ adplicatum est. ergo E® rationalis est
et rectae EZ longitudine incommensurabilis [prop.
XXII}. eadem de causa etiam @N rationalis est et
rectae EZ longitudine incommensurabilis. et quoniam
AT, I'B mediae sunt potentia tantum commensurabiles,
AT et I'B longitudine incommensurabiles sunt. sed
ADl:T'B= AI'*: AT'>< I'B [prop. XXI lemma]. itaque
etiam AT et AT >< I'B incommensurabilia sunt [prop.

dotl vdo P.  18. dov/] inras. m. 1 b, dozév B. 14, xal 14}
6 BFVh., 16. @NJEHbL, ENinras. m. 1 F. 17, douw P.

18. ¢loiv B.  19. I'B] B’ B.  20. I'B] in ras. V.  21.
ovpuergov V, corr. m. 1. AI'] 4 e corr. V. 22, aild]
supra scr. m. 1 V. 7] corr. ex z6 m. 1 F. = uév] ¢
corr. V.  23. I'B] B eras. B.
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ovupergor af AT, I'B. ©¢ 0% vmo tév AT, I'B ovp-
pergdy éom o Olg Umd vov AL, I'B. xel e amd
v A, I'B dga dovuusred d6ti T Olg vmd tdv
AT, I'B. dAd& voig udv and vév AT, I'B ioov éarl
0 EH, 6 0t dlg vmo tév A, I'B igov ©o @K
aovuuetgov doa fotl ©0 EH vp OK: dore xal 7 EO
©j ON aovuuergdg éore pixs. xol slor nrel ol
E®, ON doe ¢yral &l6i dvvdus uévov ovuusrgor. v
0 0v¥o gmral duvdus wdvov evVuuergor GVVTEIGOW,
% 8An &hopdg domiv % madovuévy éx 8vo dSvoparav:
% EN é&ga éx 0vo dvoudrov fotl dupenuévy wevd to
0. xave te avve 01 daydijcovrer xal of EM, MN
onrel Ouvdus udvov ovuuergor’ xal fovaw 7 EN
0vo ovoudtwy xat Ao xal &Aio duponuévy T 1& O
xel 70 M, xal odx &6vw 1 EO tff MN 3 avri, ou
e dnd 1ov AL, I'B psllovd éoti tav amd rov A4,
AB. ¢l te awd tov Ad, 4B pslfova fovi tov
dlg Umo Ad, AB* moddd dga xal ve dmo vy AT,
'B, zovréere vo EH, ueifov dove vov dlg vmo tdv
A4, 4B, voveéer, rov MK* doze xol 7 EO t5ig MN
uelfov dovlv. % dpa EO vjj MN odx éotw 7 avey’
Omep &0er Ocifar.

1. Supra cvuymoz add. @ Fbh. Tt 8¢ — I'B] mg
m. 1 P, 2. 7d] corr. ex 7o Vb, v¢] supra scr. m. 2 F.
3 avp,p,nga b, et B, corr. m. 2; a- del. F. 4. I'B
uijner V. (alt) I' e corr. V. 6. loow dor/ P, 6.
éotiv P. EH Hinras. V. 8. E@! "@'E F. eloew P.
9. dvreBidow B, corr. m. 2. 10. &x] ix véy F. 11, u(wt]
om P. oty P. 12. ®K b. 15. forv] fotar V. 7
%a. scr. m. 1 F. %] postea i ins, F. ou] nednmse Theon
Vb). 17. Mg. m. 1: y¢. 7a 0} dmo (vav 4, 4°F) Fb.
18. zév A4 FV,  19. tovtéerr P.  20. tovtéorw P,  zo¥]
e corr. V. MK} M seq. ras, 1 litt. B. %] supra scr. m.
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XI]. uerum AT et AI'* 4 I'B® commensurabilia sunt;
nam AI', I'B potentia commensurabiles sunt. et
AI'><I'B, 2 AI'>XI'B commensurabilia sunt [prop.
VI]. quare etiam 4TI 4 I'B? et 24I'>< I'B incommen-
surabilia sunt [prop. XIII]. uerum EH == AI"*4 I'B,
O®K = 2 A4AI'><IB. itaque EH, ® K incommensurabilia
sunt. quare etiam E®, @N longitudine incommensu-
rabiles sunt [VI, 1; prop. XI]. et sunt rationales.
itaque E®, @N rationales sunt potentia tantum com-
mensurabiles. sin duae rectae rationales potentia tantum
commensurabiles componuntur, tota irrationalis est ex
duobus nominibus, quae nocatur [prop. XXXVI]. itaque
EN ex duobus nominibus est in ® diuisa. eodem igitur
modo demonstrabimus, etiam EM, MN rationales esse
potentia tantum commensurabiles. et EN, quae ex
duobus nominibus est, in punctis diuersis @ et M
diuisa erit [quod absurdum est; prop. XLII], et E®, MN
eaedem non sunt, quod AI® 4 I'B*> A44% 4 4B?%
uverum A A~ 4 B* > 2 4 4>< 4B.*) quare multo magis
A +T'B*>2A44> 4B, hoc est EH> MK. quare
etiamz E® > MN [VI, 1]. itaque E®, MN eaedem
non sunt; quod erat demonstrandum.
4

1) U. prop. LIX lemma.

1 b. 21 psifov V, sed corr. 7] zijg b.  Post adry add.
5 EN &eo én 8v0 Svopdrav xalovpivy xar’ dile xal dilo o7-
peioy Oiatgeitar’ Smeg Gromov. odn &oo éx dvo péowv dsurige
not’ &ilo nal &llo enpeiov Siowgeitan 1] wad’ By pévoy F. 22,
Sneo #0se deifou] om. BVh,

Euclides, edd. Heiberg et Me;ge. IIL. 9
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ue'.
‘H peitov xate t6 adrd uovov onusiov diai-
oéltar.
"Eore uelfov 7 AB dujonuévy xave o I', dare
5 tag AT, I'B dvvaus acvpuéroovs slvar moioveag 0
udv cvyxsiuevov éx tév amo tév AL, I'B tergaysveov
énrov, v & Omd tév AT, 'B uéeov: Adywm, ou 1
AB xoat &iho enuetov ov diagsiva.
El yog Ovvardv, 0uneij6dw xal xate 1o A, dore
10 xal tag AA, 4B dvvdus dovpuéroovs slvar moiov-
6ag O uiv ovyxslusvoy éx tdv amd 1oy Ad, AB ¢
wov, 16 0 Un alrdy pleov. xol imel, o diagpéps
re dno vov AT, I'B tév éno vdv A4, 4B, totre
diapiper xal ©o Olg Vmo viv A4, AB tov dlg vmo
16 v A, I'B, diie ve amd tov AT, I'B rédv and
vy Ad, AB vmepéyse nrec ¢nre pro dugdreen’
xal 1o Olg vmwo tév AAd, 4B &pe vov dlg Vo TV
AT, I'B vmeéyee fnre péoa bvra: Omep éorly &dv-
varov. ovx dgo 7 uelfov xar &Ado xal &Ado enueiov
90 dwaugeltar” xewe 10 aUTd dge wovov diwgeirer: Omep
£0eL OstEou.
us'. .
‘H ¢nrov nal péoov dvvapivy xad &v udvov
onjuelov diatpelrat.
25 “Eorw ¢nrov xal uioov_dvvepdvy v AB dunonuévy
xave 7o I’y dore tag AL, I'B dvvdus devpuérgovs
e

¢’ F. 2. Supra =6 add. m. 2 xal &» P. duvgeitar
&g té 6vomxw Theon (BFVb). 5. I'B] supra ser. B. upra
wotovoas ser, xef m. 1 V. 6. AT) I'4 Fb; mg. m. 1 AB
BI'b. TeToaydvay] supra scr. o b, -ow in ras. V.
gneos F. 34 BF. 9. xal] om. Theon (BFVb).  10. 6v-
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XLV.

Recta maior in uno tantum puncto diuiditur.

Sit 4B maior in I' ita diuisa, ut 4 I, I'B potentia

incommensurabiles sint efficientes summam 41 -4 I"B?
rationalem, AI'>XI'B autem medium [prop. XXXIX].
dico, 4B in nullo alio puncto diuidi.
A nam, si fieri potest, etiam in 4 diuidatur,
ita ut 44, 4B potentia incommensurabiles sint
14 efficientes summam 4 4% 4+ A4B? rationalem,

A4 > 4B autem medium. et quoniam, quo

"I Ar* 4 I'B* ab 44° + 4B* differt [prop. XLI

lemma], eo etiam 2 4>} 4B a 24I'>< T'B
~B differt [cfr. p. 122,10 sq.), et AI' 4 'B? excedit
Ad% + 4B? spatio rationali (nam utrumgque ratio-
nale est), etiam 244> 4B excedit 24I'>< I'B
spatio rationali, quamquam media sunt; quod fieri non
potest [prop. XXVI]. itaque maior nom diuiditur in
punctis diuersis. ergo in uno tantum dividitur; quod
erat demonstrandum.

XLVI

Recta spatio rationali et medio aequalis quadrata
in uno tantum puncto diuiditur.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I ita diuisa, ut 4TI, I'B potentia incom-
mensurabiles sint efficientes AI'* 4 I’'B* medium,

vausg P, corr, m. 1 11. 7y and] m. 2 V. énrév F.
12. 04 F.  deaw P, corr. m. 1. 14. 6] corr. ex zov V.
17, zd] ©a¢ V. 20, omee Eder  O¢iken] comp, P, om. BFVb
24. Post diaigelron add. els ta dwopara Theon (BFVb), P

m. 2.

9%
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elvar mowovGag TO wiv ovpxslusvov € THYV AmO TGV

AT, I'B uéoov, 10 0t dig Umo tdv A, I'B Gyrov

Aéyw, 8t ) AB nat &Ado onueiov ov Ouargsitar.
El yog dvvardv, diunerodm xel xeve t0 A, dore

5 xal tag Ad, AB dvvdus dovppérgovg Elver woLov-
oug t0 udv ovpxelusvov éx tév amd tdv Ad, 4B
uéeov, to 0% dlg w6 tdv Ad, AB fnrév. émel o,
& Siagpéoss 7o dlg vmd tiv AT, I'B vod dlg vmo toow
Ad, 4B, vovte diapége xal e awd véy Ad, 4B

10 Tév ano v AT, I'B, ©o 0% dlg vwo tov AT, I'B
rov Olg Um0 tdv Ad, AB Vmepéye nr, xel o
and tov Ad, AB doa tiv amé tév AL, I'B v=-
péyer Onre péow Svra: Smeg éotly ddvvarov. ovx dgu
7 OnTov xel péoov Suvvaudvy xav &Ado xel &Ado oy-

15 psiov Oaigelrar. xave v doo enusiov Oiageitor’
omeo &0eu Ostkar.

uf.
‘H 0vo uéoa dvvapévy xa® Ev udvov oy-
petov drargeizar.

20 "Eotw [8Yo péow dvvepsvn] 1 AB dugenuévy xetd
70 I', dove rag A, I'B dvvduss dovupérgovg siver
wOL0V60g TO TE Guyxelusvov éx tov and reov A, 'B
uéoov xal ©o Umo tov AI'y, I'B uéoov xal &t aovy-
uETgov 16 ovpxapfve & Tov ax evtdv. Adyw, OTl

26 7 AB xat &\do onusiov ol Oimgsivar molovow TH

TQOKELUEVEL.

2. 'B] inras. V. 98¢] & B, ovynelusvov éx vév V.  94]
om. Theon (BFVb). omd] corr. ex amd V. 8. Post iéyo
ras. 1 litt. F. 4B sddsix V. 4. xol] om. Bb, postes add.
FV. 6. xaf] supra ser. V. 6. dwd zdy — 7. gnrov] In
ras. m. 1 F. " 6. 4B] 4B, KZ b, 1. 48¢] 8 BFb, 8t ovy-
xeluevoy &x tiv V. O] om. Theon (BFVb). 10, 8¢] om.
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24I'>< I'B autem rationale [prop. XL]. dico, 4B in
mllo alio puncto diuidi.
_ nam si fieri potest, etiam in 4 ita diuidatur,
l ut 44, 4B potentia incommensurabiles sint ef-
14 ficientes 4 4% 4 4 B* medium, 2 4 4>< 4B autem
II‘ rationale. iam quoniam, quo differt 2 AI'><I'B
a2.4 4> 4B, eo etiam A4 4B%ab A" 4 I'B?
differt, 2 A’ >< I'B autem 2 44 >< 4B excedit
Ly spatio rationali, etiam A44% 4+ 4B* excedit
AI'* 4+~ 'B® spatio rationali, quamquam media
sunt; quod fieri non potest [prop. XXVI]. itaque recta
spatio rationali et medio aequalis quadrata non diuiditur
in punctis diuersis. ergo in uno tantum puncto diui-
ditur; quod erat demonstrandum.

XLVIL

Recta duobus spatiis mediis aequalis quadrata in
o tantum puncto diuiditur.

Sit 4B in I’ ita diuisa, ut 4I', I'B potentia in.
commensurabiles sint efficientes 4I'® 4+ I'B? medium
¢t 4I'>< 'B medium et simul quadratis 41" 4 I'B?
Incommensurabile [prop. XLI]. dico, 4B in nullo alio
puncto diuidi, ita ut proposita efficiat.

BY. dlg dea V. 11. ‘td}) w6 P, 12. zdv] (alt) corr.
exzg m. 2 F.  14. oppeiw P, corr. m. 1. 15. xe®” BFDb.

%ot — 16. deifor] m. 2 V. 18. omeo £08t dsifon] comp.
P, om, BF. 17. p¢'] e corr. . 18. 7 dvo Ig;s’cm in ras.

o 1 F. 19, duxgeizar els o dvopaze Theon (BFVD).  20.
80 péoe dvvapévn] om. P. 23, xal 76 — péoor] mg. m.
1P, 16] 70 ovyneluevov éx zov V.  24. 16 ovynepéve]

ego; 1o gvynelusvoy PBFVb.  Post adray add. 16 (corr. ex
% m. rec. P) ovyneipéve (corr. ex -uevoy m. rec. P) #x vov
v’ (corr. eX an m. 2 V, dn’ b) edrdy (rereaydvev add. b,
Fm 2) BFVb, P mg. m. 1,
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E¢ yog dvvardy, dineiedm xate to J, G6Te meAy
dniovéte vy AT ©fj AB wy slver v avriv, aldd
uelfove xa® Umédeoww iy AT, xal éxxeloBe Gnuy
% EZ, xal megafefiicdo mege iy EZ vois udv dmd

5 1ov AT, I'B loov ©0 EH, ©¢ 0t dlg vmo rdv AT,
I'B igov ©6 OK* 8iov dga to EK icov foti v¢ amo
17 AB zergaydve. madw O megefefiniofeo magn

. v EZ voig and tiv Ad, 4B leov ©0 EA° Aowwdv
doo 1o Olg tmo vdv Ad, 4B Aoxd td MK isov

10 dovlv. xol émel péoov Umdxairor O GUyxelusvov &x
tov and rav A, I'B, yéoov é&go éorl xal vo EH.
xal mwage fyrny vy EZ magaxevar nry doo dotiv
7 OF xol aovupsrgog 1) EZ wijxs. O o avra Oy
xal ) ON ¢nry éove xol dovpustoog v EZ uijxe.

15 %l émel aevuueredy ot TO ovprslpsvov x TOY Amd
v AT, I'B ©6 8lg vno tédv AT, I'B, »el 70 EH
doo v9 HN aovpuctody oty deve xal 5 E@ jf
ON dovuueredg dorw. xal elov gyrals of E®, ON
doa $nral &lor dvvauer uovov evuuctgor’ 7 EN doa

20 éx 0vo Svoudrav forl digenuévy xere 10 O, Suolwg
0y Oelbopev, 6te xol xave ©0 M dujontor. xodl ovx
dotwv ) EO@ ©vfj MN 7 avri)” 7 &oe &x 0vo Svoud-
Tav xet &lio xal &lAo enueiov dujonror Ome doTiv
dromov. ovx doa 7 Ovo uioe Svvaudvy ket GAdo xal

25 dAdo enusiov dwapeitor xad Ev dga udvov [enusiov]
deargeiTat.

1. el nave V. 3, xelodw P. 6. EK] corr. ex OK
m. 2 P.  10. o¢/ BV, comp. Fb. 13. @E] E®@ P. 14
dorev P.  16. 76 — 16. 2§} in ras. m. 1 F.~  18. z6] 19
cvynsiudve éx tav (zod F) FVb, o) supra scr. F. om0
inras. F. I'B] BI'F. EN b. 17 dga] om. V. 1
mut. in zéy m. 2 V, HN‘; @K BFb, OK dea V. 18.
Zotiv] comp. Fb, %ot pifxer V.  eloww PB.  19. elaww PB.
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nam, si fieri potest, in 4 ita diuidatur, ut scilicet
rursus AI', 4B eaedem non sint, sed supponatur maior
MO n AT, et ponatur rationalis EZ,

-4 E
l | et rectae EZ quadratis 4I'% 4
! I'B® aequale adplicetur E H, rect-
4 i angulo autem 2 AI'>}XI'B ae-

r | (11, 4]. iam rursus rectae EZ
| quadratis 4 4% 4 4B® aequale
D S adplicetur EA. itaque quod re-
linquitur, 2 44 >< 4B = MK. et quoniam suppo-
suimus, 4I'* 4 I'B?* medium esse, etiam EH me-
dium est. et rectae rationali EZ adplicatum est; itaque
@ E rationalis est et rectae EZ longitudine incommen-
surabilis [prop. XXII]. eadem de causa etiam @ N ratio-
nalis est et rectae EZ longitudine incommensurabilis.
et quoniam AI" 4 I'B? et 2 4 I"'>< I'B incommensura-
bilia sunt, etiam EH, HN incommensurabilia sunt.
quare etiam E®, ® N incommensurabiles sunt [V, 1;
prop. XI]. et sunt rationales. itaque E®, ® N ratio-
nales sunt potentia tantum commensurabiles. ergo EN
ex duobus nominibus est in @ diuisa [prop. XXXVI].
similiter demonstrabimus, eandem in M diuisam esse.
et E@, MN eaedem non sunt. itaque recta ex duobus
nominibus in punctis diuersis diuisa est; quod fieri
non potest [prop. XLII]. itaque recta duobus spatiis
mediis aequalis quadrata non diniditur in punctis diuersis.
ergo in uno tantum diuiditur.

f
l_‘ quale ®K. itaque EK = 4B*
l

Z

21. Sroegeitan V. 22, MN &ea b. é vy P, 23.
droméy doriw V. 24. %] corr. ex &x V. 26. Eva F.  onusiov]
om. P.
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“"Ogot devTegor.

‘Troxsiuévng fnrig xal tig éx 0vo dvopdrov
duonuévng &g vo dviuara, fg To ueifov Gvouw Tov
dhaocovog usifov Ovvarar T amd ovuudroov Eavr
wijxse, éav udv o wsifov Svopa evuusToov 17 my’uu
7] £m¢5msm) oty nedslodw [h 0An] éx dvo ovoy,a—
TOV TEBTY.

B. ’Eov O to éAdecov Gvope cvuuetoov 7 mijxst
o} dxnepdvy Oy, xerslodw €x 0vo dvoudraov
dsvtépa.

¥. ’Eay 0% undérsgov tiv dvopdrov o6UuusTgov
7 wires ©f duxsipdvy $nrii, xedslodo éx Vo dvoud-
Tov TolTY.

0", Idiw 01 éov ©o yugov ovopm [zov 5}.addovog]
uetlov dvvyron TG dwd aovuusrgov Savrij wixsl, dov
pdv ©o peifov Gvope ovupusToov 9 wijxe Tfj éxxeiudvy
¢, xedelodo €x 0vo dvoudrov TerdoT.

&. ’Eav 0% 10 $Aacoov, méumry.

§'. ’Eav 0% undévsgov, éxty.

.

Evgetyv tyv éx 0vo dvoudtor modTyw.

"Enxsiodocay 0vo aguduol of AT, I'B, @ote tov
ovyxeluevov € avrdv tov AB medg uiv tov BT Adyov
e, Ov teTgdywveg aududs medg TETEAYOVOV AQL-
dudv, medg 0% tov I'A Adyov uy &gswv, ov tergdyn-
vog GQududs mog TETERYOVOY GOLIUCY, xal ExxeleHw

1. Geor 8wzseo¢] mg. B,m 2V, om. F, un’ b. numeros
om. codd. 4. fldrrovog BFb. avry B, corr. m. rec.; et
supra scr. @ b; £ e corr. V. 5. pijxet] (alt) om. V,m 2F
(eras.). 6. 6nty pixer FV. 5 817)] supra ser. m. 2 P 6in B,
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Definitiones alterae.

1. Proposita recta rationali et recta ex duobus no-
minibus in nomina diuisa, cuius nomen maius potentia
minus excedit quadrato rectae sibi longitudine com-
mensurabilis, si maius nomen rationali propositae lon-
gitudine commensurabile est, uocetur ex duobus no-
minibus prima.

2. Sin minus nomen rationali propositae longitudine
commensurabile est, uocetur ex duobus nominibus se-
cunda.

3. Sin neutrum nomen rationali propositae longi-
tudine commensurabile est, uocetur ex duobus nominibus
tertia.

4. Rursus si maius nomen potentia excedit quadrato
rectae sibi longitudine incommensurabilis, si maius
nomen rationali propositae longitudine commensurabile
est, uocetur ex duobus nominibus quarta.

5. Sin minus commensurabile est, quinta.

6. Sin neutrum, sexta.

XLVIIL

Inuenire rectam ex duobus nominibus primam.

Exponantur duo numeri 4I', I'B eius modi, ut
AB : BI' rationem habeat, quam numerus quadratus
ad numerum quadratum, 4B autem ad I'4 rationem
non habeat, quam numerus quadratus ad numerum
quadratum [prop. XXVIII lemma), et exponatur ratio-

8. pijxee] om. V. 9. gnefj wixee V. 7 iy éx F. 14
709 #lasoovog] m. 2 P, vod éddzroves V. 15, ovuuéreov BFD,
corr. m. 2.  favrjj] supra ser. o b. 16, dvope] om. V. 19
Seq. schol., u. app. 20. ud’ F. 28. 7ov] (prius) corr. ex
wov V.  25. I'd] ras. V.
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g ¢y N A, xol v 4 6vpuctgog 6t wijxer v EZ,
onry e éovl ol § EZ. xal peyovéro dg 0 BA
agududg meog tov AN, olrwg ©d dmo tijg EZ mgog
10 and g ZH. 6 0t AB moog tov AL Adyov &yee,
0v dgududg medg dududy: xel o amd g EZ doa
7wog T0 amd tijg ZH Adpov e, Ov agududs meos
aoududy: dBere evuustody doti 1o amd tijg EZ v
amo viig ZH. wal éove gyvy v EZ* $qon dga xal 7
ZH. =xal émel 6 BA mpdg vov AT Adyov odx &yec,
Ov TeTQdywvog AELdudg mWEds TETOAY@YOY AQLudY,
000} 70 dmo Tig EZ dpa medg 10 dmd tijg ZH Adyov
sty Ov TeTPdyVOg GQLI UG TPdG TETPAYOVOV aQLIUSY "
acvuustoog &ga fotlv 1 EZ i ZH wixs.. af EZ,
ZH ¥ga ¢nral elov dvvduer udvov evuucroor’ éx 0vo
&pa Svoudzov éotlv % EH.

Aéyo, Ore xol mpdity.

"Emel pdo éomv g 6 BA doududs meog tov AT,
otUtwg 76 dmo viig EZ medg 0 ano vijs ZH, usltov
0t 6 BA vov AT, peifov doa xnol 70 amd viig EZ
rod dmd tijg ZH. &6vw ovv t¢ amd vig EZ 6w to
adnd tdov ZH, ©. xoal énel édotiv og 6 B.A meog tov
AT, otrwg 70 amd tijg EZ medg v dmo vijs ZH,
avaeTeépavty dga é6tiv g 0 AB medg tov BT, otrag
70 and tijg EZ mog 10 dmd tiig ®. 6 08 4B meog
70v BI" A0pov &yet, Ov teToaywvos doududs medg TeTQo-
yovov agududv: xel 10 amo vijg EZ &g medg To
ano tijg @ Adpov &ye, Ov TeTpdywvos adeLduds mEOg
TeTQdyovoy aguiudy. ovuuctgog dou dotlv 1 EZ tij

1. 7ig) supra ser. m. 1 V. 2. dorl xaf] doviv B. 8.

AI'] T4 Vb. Dein add. ceiduor V. 4, ZH] H eras. F.
00 — 5. dubpuév] mg. m. 2 B. 5. 0v 6 F. 8. dorv B,



ELEMENTORUM LIBER X, 139

nalis aliqua d, et rectae A4 longitudine commensura-
bilis sit EZ; itaque EZ rationalis est [def. 3]. et fiat
BA: AT’ = EZ?: ZH?

4 ] 6

E , [prop. VI coroll.]. uerum
' p/ H AB: AT rationem ha-

4 r B bet, quam numerus

' ad numerum. itaque

etiam EZ*:ZH? rationem habet, quam numerus ad
numerum. quare EZ*®, ZH? commensurabilia sunt
[prop. VI]. et EZ rationalis est. itaque etiam ZH
rationalis est. et quoniam B.4:4I rationem non
habet, quam numerus quadratus ad numeram qua-
dratum, ne EZ? quidem ad Z H® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ, Z H longitudine incommensurabiles sunt [prop.IX].
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. dico, eandem primam esse.

nam quoniam est BA: AN=FEZ*:ZH® et BA>AT,
erit etiam EZ®>ZH® [V, 14]. sit igitur ZH® 4 @®
== EZ?. et quoniam est BA: AI'= EZ*: Z H? conuer-
tendo [V, 19 coroll.] est 4B: BI'=EZ?:®*. uerum
AB:BT rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam EZ*®:@*® rationem
habet, quam numerus quadratus ad numerum quadratum.
quare EZ, ® longitudine commensurabiles sunt [prop.

9. B4] mut. in 4B V. _ odx] postea ins. F.  14. ZH —
Svvdps] m. 2 B sloww P. 15. o] m. rec. b.  17. 0]
in ras. m. 1 P. 4B F. 18, 6] (prius) supra scr. m. 1 P.

peifoy F.  20. z6] corr. ex 76 V. 21. 4B P.  26. zdv]
om. BFb, BI'] I supra scr. V. 26. EZ] ZE corr. ex
ZBF. 27. @] seq. ras. 1 litt. F.
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O wixer' v EZ doa viig ZH peifov dvvarer vf dmd
evpuérgov avri). xal elov ¢nral ol EZ, ZH, xal
ovuustoog 9 EZ ©fj A wijnee.

‘H EH é&ga #x 0vo dvoudrov fotl meawty: Omeg
é0er detbou.

ud’.

Evgetv tyv éx 0vo dvopdrev desvrépaw.

‘Exxslodacay dvo dgiduol of Ay I'B, dore tov
ovyxelpsvoy é adrdv tév AB meog uiv tov BI Ao-
yov Eyeww, Ov TeTedywvog GoLduds mEOS TETQAY@VOV
aguiudy, medg 0t vov AL Adyov uy éysw, Ov verpd-
yOvog GoLduds mEog TETEUYOVOY AQLdudY, xal éxxslo-
Bo $ny 0 4, nel vj 4 edpusrgos forw 1) EZ uixee:
onry oo éotlv ) EZ. ysyovérw 0 xal og 6 I'A
doududs meog wov AB, olrewg T amd vig EZ medg
70 amo tiig ZH' ovuustgov dga éotl ©o awd vijg EZ
i ano vijg ZH. ¢nrey) doa éotl xal 1§ ZH. wol émwel
6 I' 4 agududg meog ©ov AB Adyov ovx &g, Ov TeTea-
yovog doiduds medg TETEdywvov aududv, ovd: o
ano tijg EZ medg ©0 dnd g ZH Adyov &yei, Ov ve-
Todymvog deLduds mEog TeTedymvov deuiudy. aovu-
usrgog doo oty vy EZ vif ZH wixer' of EZ, ZH
dga dnral sler dvvduse udvov ovpustgor’ éx dvo doa
ovoudrov deriv § EH.

dexréov 01, Otv xal dsvrdpe.

2. elav PB. 3. dodppergos F, - eras.; deinde add.
nxee, del. m. 1, Post unxee del. aovppergor m. 1 F, 4.
oneg 3z deikee] comp. P, om. BFVb, 6. »" F, et sic dein-
ceps. 8. rév] cor.ex o m. 2 V. 11, "4 BVb. 12.
rerooyovos F. ~ 18. EZ] ZH BVD, inras. F, m. rec. P.  14.
$nti — EZ) xal %) ZH &g ¢yt dorv F. EZ]) ZH BVb,

m. rec. P, yeyovérw 04 xel] nal form V. 8¢ F, supra
ser. 8. 15. EZ] HZ F, et corr. ex ZH V, ZH Bb, P m.
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IX] itaque EZ*® excedit ZH® quadrato rectae sibi
commensurabilis. et EZ, Z H rationales sunt, et EZ, 4
longitudine commensurabiles.

Ergo EH ex duobus nominibus est prima [def.
af. 1J; quod erat demonstrandum.

XLIX.

Inuenire rectam ex duobus nominibus secundam.
Exponantur duo numeri 4I', I'B eius modi, ut
4B ad BI rationem habeat, quam numerus quadratus
il numerum quadratum, ad 4I" autem rationem non
habeat, quam numerus quadratus ad numerum qua-
dratum [prop. XXVIII lemma). et po-
l natur rationalis 4, et rectae 4 longi-
" = tudine commensurabilis sit EZ; itaque
g - EZ rationalis est. iam fiat etiam
L I'4: A4B=EZ?:Z H*® [prop. VI coroll.).
itaque EZ? Z H*® commensurabilia sunt

-H [prop. VI]. quare etiam ZH ratio-

ulis est. et quoniam I'4: 4B rationem non habet,
quam numerus quadratus ad numerum quadratum, ne
EZ* quidem ad Z H® rationem habet, quam numerus
(uadratus ad numerum quadratum. itaque EZ, ZH
longitudine incommensurabiles sunt [prop. IX]. quare
EZ, ZH rationales sunt potentia tantum commensu-
rabiles. ergo EH ex duobus nominibus est [prop.
IXXVI]. iam demonstrandum, eandem secundam esse.

tee. 16. ZH] ZE BF Vb, m. rec. P; item lin. 17 bis, 20, 22.
16. EZ] HZ Bb, et corr. ex ‘ZH v, ZHF,Pm.rec. 17. %0ty B.
18. '4] in ras. V.  19. 0¢d" doax Theon (BFVb).  20.

EZ) HZ BFYV, et e corr. m. 1 b. 22. EZ] HZ Bb, P m.

®e; ZH V, ZH' F. s b. 23. elowy B. 25. 3; P.
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‘Engl pag avdmadiv dotiv dg 6 BA deBudg mgog
zov AT, ovrwg v0 axd vijc HZ medg ©6 ano tijg ZE,
ueltov 0t 6 BA tovo AL, peitov dgo [xal] ©6 amd
vijg HZ vov dmd viig ZE. #otw v and vijg HZ ioe

5 7 and vdv EZ, @ avaorgépavr. dga éotiv og 0 AB
ngog tov BI', olrwg 76 dmd vijg ZH meds ©0 amd
7ijg ®. @AL 6 AB mpog tov BI" Adpov &xe, Ov TeTod-
yovog adgiduds mEog TETQUYOVOY dudUoY” xal TO Ao
w1jg Z H &pa mgdg 70 amd viig @ Adyov &yeu, Ov rerga-

10 yovog aguiuds meds TETQAYwYOY GQLBUCY. GUUWUETQOS
doa dotlv v ZH tfj @ wixe wove 7 ZH vijg ZE
ustfov dvverww vg amd evpuérgov favryl. xai &l6r
onrel of ZH, ZE dvvduse uovov 6vpuetgor, xal T0
EZ &aeeov Gvopa ©f fxnecuévy $nri ovuucrgov éote

15 ©ff 4 uijxee.

‘H EH &ga éx 0%o dvopdtev éotl dsvrdgo: Omep
&0s dctou.

V.

Evgseiv tov éx dvo dvoudraov toityw.

20 ExxeloBoocav 8vo douduol of AT, I'B, deve Tov
ovyxelusvoy & avrdv tov AB mpog piv tov BI Ac-
yov Egeww, Ov teTpdymvog doududg mEog TETEHY@VOY
agududy, medg 0% tov AT Adyov wi Eewv, Ov Tergd-
yovog d¢oududs medg TeTpdywvov dguducy. Exxelodw

25 0F tig xel dAhog wy Terpdywvog deuduog 0 A, xal
woog éxavegov twv BA, AT Adpov uy éyétw, ov ve-

1. AB P. c¢@ududs] om. b. 2. HZ] EZ BFVb, m.
rec. P, item lin. 4 bis. ZE)] ZH BFVb, m. vec. P, item
lin. 4, 11. 8. uelfov — AI'] mg. m 1 P (y,ugov, sed corr.
m 1), BdA)] de corr. V. ° el P, EZ] HZ

BFVb, m. rec. P. 6] % b ¢ (non ) 6 ZH) EZ BFVb,
m. rec. P, item lin. 9,11 bis. 8. el — 10. dotduéy] mg. m-
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nam quoniam e contrario est [V, 7 coroll.] BA: AT
=HZ*:ZE* et BA> AT, erit HZ*>ZE*® [V, 14).
sit HZ? = EZ® + ©°, conuertendo [V, 19 coroll] igitur
est AB: BI'=ZH?:®. uerum 4B:BI rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque etiam Z H?:®?2 rationem habet,
quam numerus quadratus ad numerum quadratum,
itaque Z H, ® longitudine commensurabiles sunt [prop.
IX]. quare ZH?® excedit ZE? quadrato rectae sibi
commensurabilis. et rationales sunf Z H, Z E potentia
tantum commensurabiles, et minus nomen EZ rationali
propositae 4 commensurabilis est longitudine.

Ergo EH ex duobus nominibus secunda est [def.
alt. 2]; quod erat demonstrandum.

L.

Inuenire rectam ex duobus nominibus tertiam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus ad
numerum quadratum, ad 4 I"autem rationem non habeat,
4 I B

I ——
E\) | Ki—i A1 |
Z H ®

quam numerus quadratus ad numerum quadratum. ex-
ponatur autem etiam alius aliquis numerus non qua-
dratus 4, et ad utrumque B A4, AI rationem ne habeat,

1F. 12. elov B. 13. EZ, ZH BFVb, m. rec, P. 14.

EZ) ZH BFVb, m. rec. P. flatztov BVb, comp. F. ovpu-

pergdy Zor ij Theon (BFVDL).  ovpperdy dors] om. Theon

(BFVDL).  16. 8mze £3s deikor] comp. P, om. BFVbL,  20.

nelodwgoy, supra scr. éx, V. dvo] corr. ex of m. rec. P.
25, doudpds] om. V.




144 ZTOIXEIQN /.

Tdywvog deLiuog meds TeTAywvOoY aguducy’ xal éx-
xeladw g §nry evdela 7 E, xol pspovére wg 6 A
mpog tov AB, otrwg 10 amd vijs E meds ©od dmd vijg
ZH' cYppsroov &ga fotl o dmd vig E ve amod tijg
5 ZH. nal dom ¢gnroy v E* nryy doa éorl xal v ZH.
xed émel 6 A mpdg Tov AB Adyov ovx ¥y, Ov vevoe-
yovog aguiuds meog teredyovov duBudyv, 000t TO
ano vijg E meog ©0 amd vijc ZH Adyov &y, Ov tevodi-
yovog ¢oLduds mEog TETEEYOVOY AgLIUdY® AEUUUETQOg
10 doa Zotiv 3 E v ZH pijxar. peyovérm 0% mdiw odg
% B4 dgu9uds modg tov AT, odrwg 76 dmd wijg ZH
mQog 10 amd tijg HO* evpustoov dge d6tl ©0 dmd
vig ZH v dnd vijg HO. ¢nry 0t 4 ZH" §nqey) doa
xel § HO. xol énel 6 BA moog wov AI' Adyov odx
15 &yee, OV TETQAY@VOg dQLIUOS TPOG TETEEY@VOY dQLIUdY,
0vdt 0 and tijc ZH medg ©0 amd wijg @H Adyov
&peL, Ov TeT@dywvog doLduds WEOg TETEAY®VOV dQL-
Budv' dovpucrgog doo fotlv 3 ZH vij HO pixee.
of ZH, HO &go ¢yrol slor Svvdus pdvov odupergor’
20 7 ZO dga éx dvo dvoudrov fotiv.

Aéyo 01, 0ve %ol TolTy.

‘Enel ypop éoniv g 6 A mgds vov AB, olrwg To
and 7ijg E medg ©0 amd vijg ZH, dg 0% 6 BA medg
tov AT, otrmg vo amd vijg ZH mgds 0 amd tijg

25 HO®, 00’ loov dou dotiv dg 6 4 medg vov AT, ovrmg
t0 and tijg E mpdg ©0 dmé wig HO, 6 0% A mgog
©ov AT Adpov ovx &yei, Ov Tergipymvog doiduds meodg
reTpayovoy douducy: ov0E vo amd tig E dga meds
t0 dmo tiis HO Adyov #gs, Ov vergdymvog apiBuodg

2. énrl m.2F. 3. ti ZHb. 4. 16— 5. ZH](prius) m.
2 B. 5. xal dove §nuif] Gney 0é B.  doriy B. T 10. 8¢ V.
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quam numerus quadratus ad numerum quadratum; et
ponatur aliqua recta rationalis E, et fiat 4: 4B =
E®:ZH?® [prop. VI coroll.]. itaque E*, ZH?® commen-
surabilia sunt [prop. VI]. et E rationalis est; quare
etiam Z H rationalis est. et quoniam 4: 4B rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne E2 quidem ad ZH? rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
E, Z H longitudine incommensurabiles sunt [prop. IX].
iam rursus fiat BA: AI'=Z H?: H®? [prop. VI coroll.].
itaque ZH?, H®*® commensurabilia sunt [prop. VIJ.
uverum ZH rationalis est; itaque etiam H® rationalis
est. et quoniam B.A: AL rationem non habet, quam
numerus quadratus ad numerum quadratum, ne ZH?
quidem ad H@® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, H® lon-
gitudine incommensurabiles sunt [prop. IX]. quare
ZH, H® rationales sunt potentia tantum commensu-
rabiles. ergo Z® ex duobus nominibus est [prop.
XXXVI]. iam dico, eandem tertiam esse. nam quo-
niam est 4: AB=FE%:ZH® ¢t BA: A'=ZH*®: H®?,
ex aequo [V,22] erit 4: AI'= E?: H®* uverum 4: 4T
rationem non habet, quam numerus quadratus ad

11, BA] 4B’ F. zév] om. B. 14, T4 F. 16. ©H]
in ras, V, HO F, 18. Zotlv] dorl vl F. ZH] e corr. m. 2
(ex HZ?) V. <fj] m.rec. P. O@HF. 19. HO] inras. V.

gl B.  20. dot/ BV, comp. Fb.  22. @g] supra scr.
m. 1 F. 28 ZH] HZF. BA] ABP, 4B’ F. 24 1iv]
om. P. AI'] corr. ex 4B m. 1 F. 256. HO®] Z@ P, corr.
m, rec. (euan.).  28. rereayovos F, corr. m. 1.

Euclides, edd. Heiberg et Menge. III. 10
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mQOg TETQUYVOY dQLducy’ aovuuergog dou dotiv 4
E tj} HO unxer. xal énel édomv og 6 B.A moog rov
AT, otrwg t0 and vijs ZH medg 16 dmd tijg HO,
uéitov doa 0 amd tiig ZH vov awd tiig HO. Eotw
oty 16 énd tig ZH i6a vi dmé vy HO, K* dve-
eToépavte doa [fotiv] dg 6 AB moog vov BT, ovrmg
76 amd viig ZH moog 0 ano vijg K. 6 0% AB medg
tov BI" Adyov &yer, Ov revpdywvog apidudg moog ve-
toayovoy agududy xel o amo vig Z H dga meog ©o
ano tiig K Adpov E&ye, 0v verodywvog doiBuog meog
TeTQay@voY doLduoy" ovuuctgog dga [éotiv) 4 ZH v
K wixer. 1 ZH &ga tiig HO usitov dvwarar 15 dwd
ovpusrgov fovrfi. xal slew of ZH, HO dnrel dvvd-
uer wovov oVupeTool, xal ovdsrépn avTdY GUWWeTeds
dove ©ij E prjxer.

‘H ZO dga éx 0v0 dvoudvov Zovl volry' Omsg
&0e deibou.

v,

Evgetv viv éx dvo dvoudrov terdoTyy.

‘Exxslofocay dvo aguduol of AT, I'B, dete Tov
AB 7:90g tov BI Adyov uy éyewv wire wijv meog vov
AT, ov vergdyavog dgduds meds TeTedywvov doi-
Budv. xel éxxsiobw dyry 4 A, xal v 4 6vuuergog
dove wixee ) EZ* ¢nry) boo éotl xal ) EZ. xal pe-
povéto dg 6 BA agidudg meds tov AI, otrwg To
ano tije EZ medg ©6 amo vijg ZH* oduusrgov Goa

1. dotiv] m. 2 F, om. B. 8. zo] (alt.) om. b. 4. zijg
(alt.) om. b. 6. éotiv] om. P. rov] om. Fb. 11, éan’v}
om. BFVb, 12 &'Qa} m, 2 V., dvrvartar] -ve- in ras. P.

13. eovppirgov F, corr. m, rec.; ¢- supra ser. Fm. 2. HO

doa V. 15. dotiv B,  7f} E doriwv F.  16. Tolrn] corr. ex
¢ty m. rec. by dnri F, mg. ye. relrn m. rec. omse 0t
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mmerum quadratum. itaque ne E? quidem ad H®?
rationem habet, quam numerus quadratus ad numerum
quadratum. quare E, H® longitudine incommensura-
biles sunt [prop. IX]. et quoniam est BA: Al ==
ZH*: H®?, erit ZH®*> H® [V, 14]. sit igitur
ZH*—= H®* 4 K* itaque conuertendo [V, 19 coroll.]
4B:BI'= ZH®: K®. uerum AB:BTI rationem habet,
quam numerus quadratus ad numerum quadratam. quare
eiam Z H2: K? rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, K longi-
tudine commensurabiles sunt. itaque Z H? excedit H®?
quadrato rectae sibi commensurabilis. et ZH, H®
rtionales sunt potentia tantum commensurabiles, et
neutra rectae E longitudine commensurabilis est.
Ergo Z© ex duobus nominibus tertia est [def. alt. 3];
quod erat demonstrandum,

Ll

Inuenire rectam ex duobus nominibus quartam.
Exponantur duo numeri 4I', I'B eius
modi, ut 4 B neque ad BI'neque ad 4I'ratio-
a nem habeat, quam numerus quadratus ad nu-
merum quadratum [prop. XX VIl lemma)]. et
= 1, ponatur rationalis 4, et rectae 4 longitu-
- dine commensurabilis sit EZ. itaque EZ
B |® rationalis est. et fiat B4 : AI'=EZ*:ZH?
~H [prop. VI coroll.). itaque EZ? ZH?® com-
mensurabilia sunt [prop. VI]. itaque etiam ZH ra-

-4 -~ TE

3sitd] comp. P, om. BFVb. 21. 7o BI'] éxdregov adraw

Theon (BFVb).  BI'] corr. ex 4’ m. 1 P.  prze — 22.

AT] om. Theon (BFVD).  24. doriv B. 25, B4] 4"B’ F.

aoefuds] om, V. ra F. 26. ovuusreog P, corr. m. 1.
10%*
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2 0

éoti ©0 amd tiig EZ v dmo viig ZH: ¢y dga éorl
wel ) ZH. xol émel 6 BA mgog vov A Adyov ovx
dyev, OV TeTdyovog dELudg WEOG TETQEYOVOV AQLd-
udv, ovdd tdo dmd tijg EZ meog 0 amd vy ZH
Adyov Eyer, Ov Tevodywvog deuiuds mEOS TETOLYWVOV
agududy: acvuucrgog Goo éotlv § EZ vif ZH wixee.
of EZ, ZH édga ¢nral slor Svvduse uévov 6vuusrooL’
were 3 EH éx 0¥o dvopdrov foviv.

Aéyw &, 0te nel Terdery.

'Enel pdo éoviv g 6 BA mpdg tov AT, ovzws 7O
and vijg EZ mgdg o amd tiig ZH [uelfov 0 6 BA
vov AI'], ueifov &ga 70 and vis EZ vov amd wijg
ZH. ¥6tw ovv 1o amd vijg EZ loa té dmd rév ZH,
O dvaeroépavr fga g 6 AB Geiduds meds TOV
BT, obrwg to and vijs EZ mgdg ©o dmd wijg ©. 6 I
AB mpdg ©ov BI' Adyov ovx &yet, Ov teTpaymvog doud-
uds mEog TETQdymvov doududv: ovd dgx TO &mo
tijs EZ mpog ©o and tijg @ Adyov &ys, Ov Tergdym-
vog aoiduos mEOg TETEAYwVOY GQLIUCY. GOVRUETQOG
doa dotiv ) EZ vy @ uqus' v EZ &ga vig HZ
petfov Ovvarar T¢ awd aovuuéroov fevril. xel &locw
of EZ, ZH ¢nral dvvapst pdvov 6vppergor, xel 1)
EZ tfj 4 evupstgog o urxer.

‘H EH édopo éx 0¥0 dvopdrav éoti tevdory' Gmse
e Oeitou.

1. Post Z H add. 611171 LH .(seq. ras. 1 litt. F) » EZ by m.

2 F. énen doa] 7 EZ grrm éoa V m. 2, §nrr domy doa b,
dot(] om. b, foriy PB. 2. nal] (pnus) om. BFb.  B4]
4B P, ovn] postea add. m. 1 F. ~ 6. zfj] zijs b. 7. elaww B.
8. ot/ BV, comp. Fb., 9. 0%] supra scr. m. 1 P.  xal]
m. 2 F. .10. B 4] corr. ex AB tév] om. Bb, corr. ex
76 m. rec. P. 11. pelfoy — 12. AI‘] mg. m. 1 in ras. P.
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tionalis est. et quoniam B.4: 4I rationem mnon
habet, quam numerus quadratus ad numerum quadra-
tum, ne EZ? quidem ad ZH? rationem habet, quam
pumerus quadratus ad numerum quadratum. itaque
EZ, Z H longitudine incommensurabiles sunt [prop. IX].
itaque EZ, Z H rationales sunt potentia tantum com-
mensurabiles. quare EH ex duobus nominibus est
[prop. XXXVI].

Tam dico, eandem quartam esse. nam guoniam est
BA:AI'=EZ*:ZH? erit EZ*>ZH® [V, 14]. sit
igitur EZ? = ZM*+ @°. itaque conuertendo [V, 19
coroll.] 4B:BI'= EZ?:6% uerum 4 B:BI rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne EZ? quidem ad @? rationem habet,
quam numerus quadratus ad numerum quadratum.
quare EZ, 6 longitudine incommensurabiles sunt [prop.
IX]. EZ? igitur excedit ZH? quadrato rectae sibi in-
commensurabilis. et EZ, ZH rationales sunt potentia
tantum commensurabiles, et EZ, 4 longitudine com-
mensurabiles sunt.

Ergo EH ex duobus nominibus est quarta [def.
alt. 4]; quod erat demonstrandum.

11. B4] 4 e corr. V. 12. 77¢] (prius) om. P. 13.
7 F. 16. zév] om. BFb. 18. €] @4 b.  20. fotiv] om
Fb. dea] om. F.  z7¢] corr. ex ©; V.  HZ] corr. ex
ZH V,EHF. 21. evupeteov b, corr. m. rec., et F, corr.
m. 2. éavtyy wijner F. 24. omep £de1 Jscﬁm] comp. P,
om. BFVb.

//
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vf.

Edoeiv v éx dvo dvoparwy méuxTyw.

‘Exxslodacey 0vo aguduol of ATy, I'B, dote vov
AB mpdg éxdrsgov avthv Adyov ug éqew, Ov TeTQd-
yovog agududs meds tetpdywvov aguiudy, xal éxxed-
.55 énmf Tig evdein ';) A, xal v 4 6vppEToog é’o‘tco
[uixe] 4 EZ- m]m) doa 'q EZ. xal yeyove’tw wg o
I' 4 mgog 1ov A B, oUtwg 76 and viig EZ n:gog 7o dmo
vijg ZH. 6 0t I'd mgog tov AB Adyov odx &ye, Ov
TETQUYOVOg GQLIROS WEOS TETQUYOYVOV Goududy’ 0v0E
70 and g EZ doa meog 1o and tii§ ZH Adyov e,
oV teTpayavog agududg meds TeTedywvov doidudy. of
EZ, ZH age ¢nral sler dvvaper uévov GUuueroL
éx 0vo dga Svopdrov éetlv n EH.

Aéyw 01, 60 xal méumry.

Enel pap iotw awg 6 I'4A mgog tov AB, obrwg
t0o awd vig¢ EZ mpdg ©6 amd vijg ZH, avidmelw g 6
BA mgog tov AT, ovrwg ©o dmd vije ZH meog 7o
and vig ZE* ueitov dgo ©o amwd viig HZ tod amod
tiig ZE. #otw ovv ¢ dmod vijg HZ ioa vd dwd tev
EZ, 0 avaoreépavre dga éotlv og 6 AB aoududg
weog tov BI', oUrmg t0 awd vijg HZ mgog tod dmd
t5g ©. 0 0% AB mgog wov BI' Adyov odx e, Ov

3. zév] corr. ex 1o V, 1. u uu] Jom. P EZ% ZH
Theon (BFVb), HZ m, rec. P. an doa 5 EZ) §nry} dou
7 ZH V, mg. énen tf) doe HZ m. 2. EZ] ZH Theon (BFb),
HZ P m. rec. 8. EZ] Z post ras. 1 htt V,ZHF, HZ Bb,
P m. rec. 9. ZH] ZE Theon (BFVb), m. rec. P. Deinde
add. odpuereoy doa éorl t6 dmo tijs HZ vé dmo tijg ZE- §ney
doa dorl wal % ZE. wal émwel Theon (BF VD), P m. rec. (ZH
pro HZ). d¢] om. Theon (BFVb).  ©é»] om. BFb, 11.
znc] (prins) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P.

&oxx]) om. B.  medg vo amé] m. 2 B. ZH] P, 'ZE BF Vb,
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LIL.

Inuenire rectam ex duobus nominibus quintam.
Exponantur duo numeri 4I', I'B eius modi, ut 4B
ad neutrum rationem habeat, quam numerus quadratus
ad numerum quadratum [prop. XXVIII lemma], et
ponatur recta aliqua rationalis 4, et

“ 7 7 Lectae 4 commensurabilis sit EZ. itaque
I la EZ rationalis est. et fiat
y T2 I'd:4B=EZ*: ZH®
" | [prop. VI coroll). I'4 autem ad 4B ra-
B tionem non habet, quam numerus qua-
6 g dratus ad numerum quadratum. itaque

ne EZ® quidem ad ZH® rationem habet,
quam numerus quadratus ad numerum quadratom.
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles {prop. IX]. ergo EH ex duobus no-
minibus est [prop. XXXVI].
iam dico, eandem quintam esse. nam quoniam est
I'd: AB==EZ%:ZH?, e contrario [V, 7 coroll.] est
BA:AI' = ZH?:ZE* itaque HZ* > ZE® [V, 14].
sit igitur HZ® = EZ? 4+ @ itaque conuertendo [V,

m, rec. P. 12, tstoaymvog F corr. m. 1. apuﬂpov]
2 V. Deinde add. COVURETQOS aea dotlv %) HZ tfj ZE (2§ ZE
om, V) uijnee b, mg. m. 1 F, m. 2 V. 13. elowv PB.
doa] om. P. EH] He corr. m. 1 b. 15uat]m2F
17. EZ] P; HZ BVDb, P m. rec; ZH F. _ ZH] P, ZE
BF VDb, P m,. rec. Ante g add. &ea m. rec. P. 18. odrwg]
om, BVb. ZH] P, EZ BFVb, P m. rec. 19. ZE] P,
ZH BFVb, P m. rec. Dein add, & 8% BA vod AT ye[{mv
(corr. ex ysi’tov) dor{ V; peitov (yez’fmv m. rec. b) 6% 76 (6 m.
rec. b) B4 o9 AT b, in ras. F. uelfov deo] sustulit rep.
in F. doa fozl V. 6] m. 2 F. HZ] P, EZ BFV),
P m, rec.; item lin. 20, 22. 20. 7ij¢] om. P.  ZE| P, ZH
BFVDb, P m. rec. 7d] supra scr. m. 1 b, postea add. m. 1V,
corr.ex v6 Fm.1. 21. EZ] P, HZ BFb, m. rec. P, in ras. V.
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TETQEyVOg aeLduds TEdg TeTEdy@VOY deLduov: ovd’
éga ©o amd tiig ZH mpog 1o amd tijs @ Adyov Eye,
oV rergdywvos dgiduds medg TeTEEymVOV GeLduov.
aovpustgog doo fotlv n ZH tf; @ wixe @ore 1
ZH vig ZE peifov dvvarar 16 amd dovuuérgov fav-
tf. wal slow of HZ, ZE ¢nral dvvdper povov ovyu-
pevgol, xal véo EZ Elarvov dvope ovpueroov ot TR
Sxxaipévy fnrq v A pajxet.

‘H EH dga éx 0vo Sdvoudrov éotl méumry Omep
&0z Ocibar.

4

vy

Evgeiv iy éx 0vYo dvopdrov Extyw.
"Exxslodwoev 0vo agudpol of AL, I'B, dote roy
AB mgog éndregov alrdv Adyov wy Eyew, Ov teTed-
yovog doududs meds TETedywvov agiducy’ Eotm 0%
xol Eregog apuduocg 6 4 uy terpdymvog dv undd meog
énaregov 1oy BA, A loyov &ov, Ov terpdymvog
agududg meds TeTgaywvoy deidudy: xel dxxelodw tig
oy ev¥ele ) E, xal yeyovéro @g 6 4 moog row
AB, ottwg To and tijs E meds v0 and vijg ZH: evpu-
pergov deitd amd vijg E v and vig ZH. xal éove
éney 1 E° nry doo xel m ZH. xal Zmsl odx &ee
1. TeTgdywyov] COIr. €x Teredymvog m. 1 b, 2. ZH] P,

EZ BFVb, P m. rec.; item lin. 4, 5. 6] ras. 1 litt, V.
4. d¢zfv] om. BVbh. 5. ijs] corr. ex zij Vb, ZE) P,

ZH BFVDh, P m. rec. ovppérgov F, corr. m. 2. 6. el V
comp. Fb.  «f] m. rec. P al HZ ZE) om, FVb; of EZ
ZH supra sor. m. 2 B. 7. EZ] P, ZH B Vb, HZ m.rec. P,

9. omse #der deitou] comp P, om, BFVD. 13. AI‘] 4,

“seq. ras. 1 litt,, F. zov] corr, ‘x 76 m. 2 B.  16. pijte P

17. B4] suprn, ser. Fm. 1 Db, 4BF et V, sed corr. ey
V, sed corr. 18, nal] m. 2 F. 20. ottws nel V. avy.-
pereog Theon (BFVh), P m. rec. 21. &oa docty FV. 16—
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19 coroll.} 4B:BI'= HZ!:@?. uerum AB:BTI ra-
tionem non habet, gquam numerus quadratus ad nu-
merum quadratum. itaque ne ZH® quidem ad @*
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, @ longitudine incommensura-
biles sunt [prop. IX]. quare Z H? excedit Z E* quadrato
rectae sibi incommensurabilis. et HZ, ZE rationales
sunt potentia tantum commensurabiles, et minus nomen
EZ rectae rationali propositae 4 longitudine commen-
surabilis est.

Ergo EH ex duobus nominibus est quinta [def.
alt. 5]; quod erat demonstrandum.

LIIL

Inuenire rectam ex duobus nominibus sextam.

Exponantur duo numeri 4I', I'B eius modi, ut
AB ad neutrum rationem habeat, quam numerus qua-
dratus ad numerum quadratum, sit autem etiam alius
pumerus 4 non quadratus neque ad alterutrum B4,
AT rationem habens, quam numerus quadratus ad
-4 + < numerum quadratum [prop. XXVIII lemmal;
4 |g et ponatur recta rationalis E, et fiat
4:4B=E®*:ZH*
I TZ = [prop. VI coroll.]. itaque E2, Z H® commen-
lg _ surabilia sunt [prop. VI]. et E rationalis est;
K itaque etiam Z H rationalis est. et quoniam

[ 4 : AB rationem non habet, quam numerus
quadratus ad numerum quadratum, ne E?
-6 quidem ad Z H? rationem habet, quam nu-

ZH] 1 E v (16 dno vi¢ P) ZH Svvdéper Theon (BFVD), P
m rec. domv B, 22 éxell m. 2 B, om. F
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6 4 mpog Tov AB Adyov, Ov merpdyevog aLiuds
705 TETQAYOVOY aELdUdY, ovd: 1O amd Ty E dge
7ods 0 amo tijg ZH Adyov &yer, Ov TevQdymvog coe-
Buog meog TerQdywvOYy AQUIUOV’ AEVUWETQOS doe 7]
5 E vij ZH winse. pepovére 0 mdiw eg 6 BA meodg
zov AT, ovtwg to and vijg ZH medg ©0 anod tijg HO.
ovuuetgov Koo to and vig ZH ¢ amd vijg OH. ¢n-
Tov dpa 10 amd tiig OH' oy dow 7 OH. xal émel
6 BA mgog tov AL Adpov ovx ¥y, Ov tevgdymvog
10 ¢giduds medg TeTpdymvov dgLIudY, 0v0E TO dmd Tig
ZH mds 16 amd tiig HO Adyov &qer, Ov teToaymvog
agududg meog TETPUy@YVOY AQLIUdY’ asluusrgog Hge
dorlv ) ZH vy} HO psxee. of ZH, HO &oa ¢nral
eleL dvvdusl woévov evpuergor” éx 0vo doo Svoudraw
15 éotiv 4 ZO.
Aeréov 01, Ote xal Exry.
"Enel poo é6tiv og 6 4 medg tov AB, otrwg to
and tijg E meog 10 and tijg ZH, &t 0t xal dg 6
B.A mgog tov AT, ovrwg ©0 and tviig ZH medg tod
20 ano vijg HO, 00 loov &oa dovly mg 6 4 medg tov AT,
ottwg T0 amo vig E medg 6 amd tiig HO. 6 8t 4
npdg Tov AT Adyov odx Eyei, Ov Tergdpavog agiduodg
7eos TeTpdynvov aeududv 000t td awd vig E dou
mgog 0 and tijg HO Adyov &yer, Ov Tsvodymvog doid-
25 udg mweog TETQEYMYVOV GoLBudy” dovuusTgog doa dotly %
E i HO wixe. &0sly®y 0% xal v5j ZH devppergog:
éxaréon &oo vdv ZH, HO aovuuerodg ot vfj E prjxer.
xel énmel dotwv dg 6 BA mpdg tov AT, ovtwg To amod
viig ZH ﬂ:g(‘)g 70 amd vijg HO, uetfov &go to dmd vijg

7. aa'vl{msreov F, sed corr. ©@H] in ras. V, HO Fb.
Deinde add. §nzov 8t v6 ¢xo t7s Z H Theon (BFVb) 8. dou
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merus quadratus ad numerum quadratum. itaque E,ZH
longitudine incommensurabiles sunt [prop. IX]. iam
rursus fiat BA: 4= ZH?: H®? [prop. VI coroll].
itaque ZH?, @ H®* commensurabilia sunt [prop. VI].
itaque @ H? rationale est; quare @ H est rationalis. et
quoniam B A : AT rationem non habet, quam numerus
quadratus ad numerum quadratum, ne ZH? quidem
ad H@® rationem habet, quam numerus quadratus ad
numerum quadratum. itaque ZH, H® longitudine in-
commensurabiles sunt [prop. IX]. quare ZH, H® ra-
tionales sunt potentia tantum commensurabiles. itaque
Z® ex duobus nominibus est.

iam demonstrandum, eandem sextam esse. nam
quoniam est 4: AB=E*:ZH* et BA:A'=2H?*: H®?,
ex aequo erit [V,22] 4: AI"'=E?: H®®. uerum 4: AT
rationem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne E? quidem ad H®*?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque E, H® longitudine incommensu-
rabiles sunt [prop. IX]. demonstrauimus autem, etiam
E, ZH incommensurabiles esse. itaque utraque ZH,
H@® rectae E longitudine incommensurabilis est. et
quoniam est BA: A'=ZH*?: HG?, erit ZH*> HG?
[V, 14]. iam sit ZH®= H®® 4 K* quare conuertendo
[V,19 coroll.] erit 4B: BI"'=Z H?®: K®. verum 4 B:BI"
el Theon (BFVb). 67)171 — O@H]mg. V. HOP o
BA] 4B’ F. 10. 093¢] 00’ dox FVb, odn &ea B.  zd]
v¢ F. 14 eloww B. 18, fonv B. 19. BA] 4B P. oL
8é]m. 2 F.  23. 00d¢] 098’ dea Theon (BFVD).  dea]
om. Theon (BFVb) 26. HZ F. 27, énoréee — E] 5 E
doo éxatéen iy ZH, HO douv dovpuereos V.  doa] supra

ser. F. 28, ov-mg] om. b, m. 2 B: 29. Post H® add.
uelfoy 0t 6 AB ot AT V. peifov] bis F.
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ZH rot amo vijg HO. #orw odv ©é ano [wig] ZH
loa v ano tév HO, K* aveotgépavr Goo g 6 AB
npog BT, otrwg o dmé ZH meog ©o amd vijs K. 6
0t AB mpog tov BI' Adyov odx &qsL, Ov reTpaymvog
doLduds mpdg TeTEAywvov aeududv: @ove ovdE TO
and ZH mgog 16 amd tijg K Adyov &yar, ov rergdyw-
vog doiduds medg TeTodywvoy dotdudy. dEVURETQOS
doa dotlv ) ZH tjj K wixer 7 ZH dga vijg HO
ueitov dvverar ve dmo devuuéroov favry. xal sloww
of ZH, HO nral dvvdpst udvoy cvuuetoos, xel ov-
dstéoo avTdy Ovupstels dove wixes vy éxneludvn
oneii = E.

‘H 20O dge éx 0vo Svoudtov fotiy &y  Omep
s Osiou. ‘

Anpue.

"Eere 0vo vetpiyove ta AB, BI xal xsl6dwcav
dote én’ evdelog elvor vy AB i BE' én e08elag
doa Zotl xal f ZB 7} BH. xal 6vpwewinpun6dwo o
AT mapalinidygaupov: Afym, Omt Tevpdywvdy fore
10 AT, %ol 8vi tov 4B, BI" uésov dvdaloydv éove o
A H, xal ¥vi vév AT, I'B uécov avaloydv éove ©o6 AT

'Emel yag lon otlv 5 utv 4B <} BZ, 5 6% BE
v} BH, 8Ay doa ) AE Gy ©f) ZH édoviv ioy. &AX
% utv AE éxavéoy tév 4@, KT éovev loy, 5 02 ZH
énoréga vov AK, O éonwwy ion xal éxovéon dou
v 4@, KI' énavépe tov AK, OI éerw lon. (l6d-
nievgov oo éotl 10 AT magalinidygaupov: Eovi O}
xol dpoydviov: tergaywvov oo éorl t0 AT

1. ZH] 20 b. zfig] om. P. . t7¢] om. Pb, 8. ov
Br'V. g ZHFV. " 4 medg vov BI'l mg. m. 1 P. 6.
g ZH FV. 7. devppstoe P, corr. m. 1. 9. ovu-
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rationem non habet, quam numerus quadratus ad nu-
merum quadratum. quare ne ZH? quidem ad K@
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, K longitudine incommensura-
biles sunt [prop. IX]. itaque Z H? excedit H®® qua-
drato rectae sibi incommensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
teutra earum rationali propositae E longitudine com-
mensurabilis est.

Ergo Z® recta ex duobus nominibus est sexta [def.
alt. 6]; quod erat demonstrandum.

Lemma.
Sint duo quadrata 4B, BI" et ita ponantur, ut 4B,
BE in eadem recta sint. itaque etiam ZB, BH in
"H eadem sunt recta. et expleatur paral-

K — I
! lelogrammum AT dico, AI" quadratum
d‘l B B esse, et 4 H medium esse proportionale
L o inter 4B, BI, et praeterea 4I" medium

4 z esse proportionale inter 4T, I'B.
nam quoniam 4B=BZ BE=BH, erit AE=HZ,
verom JE—=A®=KI, ZH=AK =0T (I, 34].
quare etiam
A@=KI'=AK=0TI.

gézgov F, corr. m. 2. fxvrfj prignse F, 11, adradr] taw

ZH, H® Theon (BFVh), ?mv P. £'yusmévg F. 12.

E|EHD, Hadd. m. 2 F. 18. 5] om. b.  Omeg £der deifou]

comp. P, om. BFVb, 18. fotlv B. 19. 87 6 AT' V.
douv P.  20. 70 A4T'] om. V.  §m] &z BF, supra scr.

¢um. 2. 21 douv P. 22, ZB B. 24. Post fon del.

@i’ 7 utv 4E faeréoe m. 1 P.  HZ BFV. 25 16 V.
dox] om. b. 26, A@l] 4 postea add. V. 27, {etiv P.
fouuv PB. 28, douiv P.
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Kal énel éotwv g 1) ZB medg v BH, ottws 7

AB mgdg iy BE, dAX og utv y ZB mgos tqv BH,

oltwg 16 AB mpdg 10 AH, dg 0 4B ngos i

BE, ottwg ©0 4H mdg ©d BI, xal og dga 16 AB
5 mog ©0 AH, ovtwg 10 AH mgog 10 BI. tédv 4B,

BT &ga péoov avdioyov éore 16 AH.

Aéyw 07, v ual 16v AT, I'B péoov avadoydv

[éom:] 16 4T

Ensl pdg éotiv dg 1 Ad meog iy AK, ovrag
10 7 KH mgdg v HI™ len pdg [éotiv] éxordpe éxaté-

oo xal ovvBévre og | AK meog K4, otnwg 7 KI”

noog I'H, aAl g piv % AK medg KA, obreg

10 AT medg 16 I'd, ag 0t  KI meég I'H, obrag

10 AT mpds I'B, xel og doa 160 AT meog AT, oD-
15 tog ©0 AI mpdg ©0 BI. tov A, I'B dea uédov
avdioydv deti 0 AT & moéneiro deifo.

_ vd'.

‘Eev ywolov meoiéynrar vmd $nrije xal tig
éx 0vo Svoudrov medrng, N 16 gwelov dvva-
20 uévny &royds éoTiv 4 xalovuévy éx dvo dvo-

peTO.

Xwglov yag ©0 A meguegéoda Umo Jnriis thg

AB xal tijg éx 0vo Svopdrev medwtng Tis AA* Aéyw,

ote 1) 10 AT ywelov dvvoudvy dhoyds éetiv 3 nahov-
25 uévy éx 0vo bvopdzaw.

8. oygv BE — 6. BI'] postea ins. m.1F. 4. o870 B. 176]

m 2F. ¢ BI'jcorr.exmpy BI'm. 2B. 5. o%t0 B, 6.
doa] om. b. 8. dori] om. 1’ 10, r7jv] om. BFb.  dorw
om. P.  éxaréee] om. P. 11 zyw K4 V. 12 zypw ’H V.
my Ka V. 18. iy TH V. 14. vo I'B V, seq. ras.
1 litt. 4] zo I'a V. 15. 4T I'a V. 1 BI']| BT’
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itaque parallelogrammum A4 I aequilaterum est; est
autem idem rectangulum. ergo AI" quadratum est.

et quoniam est ZB:BH=A4B:BE, et ZB: BH=
AB:4H, AB:BE=AdH:BI [VI, 1], erit etiam
AB: AH = AH: BI. ergo 4H medium est pro-
portionale inter 4B, BI.

Jam dico, 4I" etiam medium proportionale esse
inter 4 I, I'B.

pam quoniam est 44: 4K = KH:HI' (nam
utraque utrique aequalis est), et componendo [V, 18]
AK: K Ad=KI':I'H, est autem AK: KA =A4I':T'4,
KI':TTH=AdI':I'B, erit etiam AI': 4I"'= 4I":BI.
ergo A4 I medium est proportionale inter 4I', I'B;
quae propositum erat demonstrare.

LIV.

Si spatium recta rationali et recta ex duobus no-
minibus prima comprehenditur, recta spatio aequalis
4 HE Z quadrata irrationalis est ex duo-

bus nominibus, quae uocatur.
Ia Spatium enim AT recta ra-

tionali 4B et recta ex duobus
—— I nominibus prima -44 compre-
= hendatur. dico, rectam spatio
i AT aequalem quadratam ir-
| ' rationalem esse ex duobus no-
z o minibus, quae uocatur.

B, I'B Fb. 16. &] omee Theon (BFVb). Post deifoe
add. 0>:»—P. 18 7ijs] m. 2 B.  22. yoelov — 25. dvo-
witws] mg, m. 1 F. 922, AT'] ABT'd Theon (BFVD). 23.
48] 44 F.
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"Emel peg éx 0vo dvopdrav éotl medtn 7 Ad, duy-
onedw &lg To Svopare xare 70 E, xal Zotw vo petfov
dvope 10 AE. gavegov O, ot af AE, EA $qroi
elor Odvvduse ulvov ovpuetgor, xal 1§ AE tig Ed
petfov dvverar T dmd ovpuérgov fevri, xal 1 AE
oVuusteds dote tfj unewudvy Gnri T AB pixe. Te-
Twiedw 0y 1 EA diye xete ©d Z onusiov. xol émel
1 AE g EA pettov Ovvarar té dmo ovuuérgov
favrfj, av doa TG TeTdoT pées TOD amo g éAde-
6ovog, TovTéeTL 16 and tijg EZ, lgov mwage Ty pelfove
i AE mogefin®f éAieimov &lder tergayodre, &g
ovpuctoe avtyy Owugel. magafeBiichw oty mape
v AE ©@ and viig EZ loov v vmo AH, HE' ovu-
usrgog &oa éovlv  AH tfj EH wixe. xel fjydwoay
ano vov H, E, Z dmorége tv AB, I' 4 magdiiniot
ol HO, EK, Z A" xol 76 plv AO magaiinioyeopue
lgov tetpdymvov cuvveordrm to EN, ¢ 08 HK leov
70 NII, xal wel6Dw dore én’ ebPelug elvar v MN
) NE- é7 eddelog dgo dovl xal § PN tfj NO. xal
ovumeningiodw ©o X I magalinddypepuov: zerod-
yovov Goa dovi t0 XI1. xal énel ©o Umd v AH,
HE lgov éovl ©6 and tijc EZ, &6t égo og v AH
ngos EZ, ottwg 1) ZE mpog EH' xal g dga 10 A®
nog EA, ©6 EA mgog KH* rév 4O, HK é&pe uégov
dvdioydy éeti v EA. dlde 1o plv A@ leov fotl

2. E] e corr. m. rec. P. 8. &%] corr. ex 8¢ B. 4.
elay P, dodupereor F, sed corr. 5. devppuéreov b, sed
corr.; in F supra add. ¢-m. 2. xafjom. F. E4F. 7
07] 8¢ V. 8. dovppétgov b, sed corr. 9. zerderw) 4 b.

tov] T B.  1is] e corr. V. 12. ovpperoov P, diédy
Vb, deédne corr. in dedei F, diedei B. Dein add. pnxer V. 18,
o tav FV. HE) HO P. 14, AH] He corr. m. 1 V.
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nam quoniam 4.4 ex duobus nominibus prima est,
in E in nomina diuidatur, et maius nomen sit 4 E.
manifestum igitur, 4E, E4 rationales esse potentia
tantum commensurabiles, et 4E? excedere E4? qua-
drato rectae sibi commensurabilis, et 4E rationali
propositae 4B longitudine commensurabilem esse [def.
alt. 1]. iam E4 in Z puncto in duas partes aequales
secetur. et quoniam 4 E? excedit £4® quadrato rectae
sibi commensurabilis, si quartae parti quadrati minoris,
hoc est quadrato EZ? aequale maiori 4E adplicatur
parallelogrammum figura quadrata deficiens, eam in
partes commensurabiles diuidit [prop. XVII]. adplicetur
igitar rectae 4 E quadrato EZ® aequale 4H >< HE.
itaque 4 H, EH longitudine commensurabiles sunt. et
ab H, E, Z alterutri 4B, I'4 parallelae ducantur
HO®, EK, Z A. et parallelogrammo 4@ aequale qua-
dratum XN construatur, et NIT = HK [II, 14], et
ita ponantur, ut MN, NJX in eadem recta sint; quare
etiam PN, NO in eadem sunt recta. et parallelo-
grammum X IT expleatur; itaque XII quadratum est
[0. lemmal. et quoniam est 4H >< HE = EZ? erit
AH: EZ = ZE: EH [V], 17]. quare etiam

A@:EA=EA:KH [V], 1].

EH] HE inras. V. 16. Hl m. 2 F.  4B] 4 eras. F.

Pd]inras. V, B4 F, 4" B. 16. EK] E postea ins. m.
1F. ZAd] mut.in 42 V, 4Z BFb. napoiinléyeapuoy P,
corr. m. 1. 17. ZN] X corr.ex E BFb.  18. xela®woar V.

MN] corr. ex N m, 1 F. 19, dociv B NP P.  20.
ZII] corr. ex EII B, item lin. 21. 21. 76] ©¢ V. AHE b,
et corr. in 4H, EHm. 2 V, 4H F, et B, corr. m. 2, 22.
9] w6 V. 28. moog v V. ZE] EZP. EH] mp» H,
ante H ras. 1 litt. V. 24, moog 70, seq. ras. 1 litt, V. E 4]
Eeras. V. 10 KH V.  &pa] postea add. m. 1 P,

Euclides, edd. Heiberg et Menge. IIL 11
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6 ZN, ©0 08¢ HK loov t¢p NII' vov EN, NII dga
uéeov avdiopdy éoti 16 EA. &t 0t 16V alrdv tdv
I N, NII uyéoov avdioyov xal 16 MP: ieov dou éoti
10 EA ©9 MP: dore xal 10 OfF loov éotiv. Eov 0%
xal t¢ A®, HK voig N, NII ioa" 6iov doa 160 A"
loov éavly 0Aw ve ZII, vovréor. 1 and tije M) ve-
Toayove’ ©0 AT doa dvwarer §) M.

Aéya, Gtv § ME éx 0vo Svopdrov detiv.

’Emel pag ovpuergds éovrwv 1 AH vy HE, evupé-
19dg éote xal | AE énxarége trév AH, HE. {moxs~
toae 0% xal ) AE ©jj AB evpucrgog’ xal of AH, HE
doa i AB evuuetgol &loww. xel dote ¢qry 7 AB-
¢ty doe fotl xal éxarépe vov AH, HE' §qrov dou
dotiv éxdregov tov A0, HK, xol éote ovpusroov to
A® ¢ HK. alla to pdv 40 vg ZN loov foriv,
0 08 HK v NII' %ol va EN, NII é&ge, rovrion
te axd tév MN, N5, ¢nra éove xal ovpperga. xol
énel aavppergog éovw ) AE v EA wixs, aAl %
utv AE i AH for. odppsrgog, v 0% AE tij EZ
ovpueTgog, Govuuetoos doe xol § AH i EZ° Gere
xel T0 4@ vg EA dovpustody éomwv. dihe to ulv
A® 16 XN éovwv igov, 16 08 EA v MP xal o -
ZN éga v MP dobupsroov dotw. @Al dg 10 TN

1. ZN] (bis) corr. ex EN B, item lin, 8, 5. 2. EA]
corr. ex Am, 1 F. Zuv PB. 8. dortv P. 4. 6] corr.
ex ¢ m. 1 P. MP 7 EA Theon (BFVV). dore xal 6]
aua 76 piv MP o O,.., (corr. ex 5O V) fdov dotl (foziv By
10 8t EA (EA F) w6 ZT', Glov dgo t6o EI toig MP Theon
(BFVb). 6] corr. ex 76 m. 1 P.  éoviv] postea ins. m.
1F. 6. EN, IIN F. 6. rovréomy P, 9. AN F, corr.
m. 1. HE]corr.ex EHm. 2V, E'H'F. 10. E4 Exaré-
guvF. 11, ovpusrgos — 12. 4B] (pnus) wg.m. 1F, 11, xaf]

pixer %V, Bm.2. af]% EF,inras. B. EHP. 12 eloe
V, comp. Fb. Zouw B. 13, loriv PB. 14 dotiv] dotl na¢ V.
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itaque E.4 medium est proportionale inter N, NII.
uerum etiam MP inter eadem XN, NII medium est
proportionale [u.lemma]. quare E.4==MP. itaque etiam
EA=0 5[1,43]. uerum etiam 4@+ HK=IN-+ N1II.
quare totum?') AI'= X1 = ME* ergo MX quadrata
spatio AI" aequalis est.

dico, M g ex duobus nominibus esse. nam quoniam
AH rectae HE commensurabilis est, 4 E utrique rectae
AH, HE commensurabilis est [prop. XV]. supposui-
mus autem, etiam AE, 4B commensurabiles esse.
quare etiam A4H, HE rectae 4B commensurabiles
sunt [prop. XII]. et 4B rationalis est. itaque etiam
utraque A H, HE rationalis est. quare etiam 4@,
HK rationalia sunt [prop. XIX], et 46, HK commen-
surabilia. uerum 4@ =X N, HK = NII. itaque etiam
XN, NII, hoc est MN?®, NJE* rationalia sunt et
commensurabilia. et quoniam 4 E, E4 longitudine in-
commensurabiles sunt, et 4E, 4H commensurabiles,
et 4 E, EZ commensurabiles, 4H et EZ incom-
mensurabiles sunt [prop. XIII]. quare etiam 4@ et
E A incommensurabilia sunt [VI, 1; prop. XI]. uerum
A® =— ZN, EA = MP. quare etiam XN, MP in-
commensurabilia sunt. est autem SN: MP==ON:NP
[VI, 1} itaque ON, NP incommensurabiles sunt

1) Nam EA=2ZT.

15. ZN] corr. ex EN B, item lin, 16. 16, dotv oov V.,
éot¢ PBb, comp. F. 16, ) v¢ F. NII dex] 7 NII F.
17. dovppsrea B. 18. alla¢ Bb. 19. AH] corr. ex
AB V. EZ] EZ o V.  20. nal] domv V. ~ Post EZ
add. pixer Vb, m. 2 B. 21 dorv] om. BFb.  22. IN]
NX'F.
11+
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weog MP, § ON mpos tqjv NP adcduuergog &ga éotiv
f ON tfj NP. loy 0t 7 utv ON ©fj MN, y 0t NP
tij NE' dovdpuergog dpa éovlv ) MN tff N5 neel
dore ©0 amd tiig MN evppcrgov vd and tig NJE, xal
5 gnrov éxdvegov: af MN, NJE doa nrai elor dvvause
uovor oUppETQOL.
‘H MJE dga éx 0¥o dvopdrwv fotl xel dvvazece
10 A" Omeg ¥0er Oeikar.

’

ve.

10 Eav yogilov megiéynrar Ovmd $nris xal Thg

éx 0vo Ovopdrwv dsvrégag, 7 TO ywelov dv-

vaudvy &Aoyog éotiv ) xalovudvn éx 0vo ué-
dov nowTY.

ITegueyéodm pop yopiov 6 ABI'A vmo ¢$nrijg

15 ©jg AB xal tijs éx 0¥o Svoudrav devrégas Tiig AA*

AMya, ot 5 ©d AT yoglov dvvepdvy éx dvo uéowv
oty éoTiv.

‘Enel pag éx 0vo dvopdrwy dsvrépa éotlv v A 4,

dineriodw &lg ta dvopare xave ©0 E, dore 1o peifov

20 Ovope elvar 10 AE' of AE, EA &po ¢nrai elow dv-

vapse udvov ovppergol, xal 7 AE tijg EA psitov 6v-

vater 16 4o dvppéroov favry, xal Td EAevrov Gvope

% Ed cOpuerpdv éotu vij AB wixer. zerunodeo ) Ed

Olye xoxe v0 Z, xal t dmd vig EZ loov mege tyv

256 AE magafefiiodo éldsimov &lde tevoaywve TO VWO

tov AHE" odupstgog doa 71 AH tfj HE uijrs. xod

1. zo MP V. ovrag 1 V. wiv] om. BFb. MPFT.

douv &oa ¥. 2. PN P. NMP. 4. ijg] (prius) om. Fb,

m.2B. NZ] MEF. 5 elowv B. 6. govovov P. 7. éx)

7 dn Pb. 12, &x] 4 dx b,  14. Post yep del. zd B. 18
yag] om. Fb, m. 2 B, 20. AE] (alt) E4 P, corr. in 4
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[prop. XI]. uverum ON = MN, NP= NZE. quare
MN, NJF incommensurabiles sunt. et MN?®, NJ5?
commensurabilia sunt, et utrumque rationale. MN,
N & igitur rationales sunt potentia tantum commen-
surabiles,

Ergo ME ex duobus nominibus est [prop. XXXVI],
et ME* = AT; quod erat demonstrandum.

Lv.

Si spatium recta rationali et recta ex duobus no-
minibus secunda comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duobus mediis prima, quae
uocatur.

Spatium enim ABI'4 rationali 4B et recta ex
duobus nominibus secunda 44 comprehendatur. dico,
rectam spatio A4I" aequalem quadratam ex duobus
mediis primam esse.

nam quoniam 44 ex duobus nominibus secunda
est, in E in nomina dinidatur ita, ut 4 E maius nomen
sit. itaque 4E, EA rationales sunt potentia tantum
commensurabiles, et 4 E? excedit E4® quadrato rectae
sibi commensurabilis, et minus nomen E.4 rectac 4B
longitudine commensurabile est [def. alt. 2]. iam E4
in Z in duas partes aequales secetur, et quadrato EZ?
aequale rectae 4 E adplicetur 4 H>< HE figura qua-
drata deficiens. itaque 4 H, HE longitudine commen-
surabiles sunt [prop. XVII]. et per H, E, Z rectis
AB, I'4 parallelae ducantur H®, EK, Z 4, et paral-

m, rec. &low PB. 21, 17¢ E4] mg. m. 1 P. 22, #lascoy
P; comp, F, 23. 4B] 4 ins. m. 1 F. 24. Th] corr. ex
om 1F. 2.1w6]w@ V., 26. 4H, HE V e corr.
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dwx tév H, E, Z magaedinior fydwoav taly AB, I'd
of HO, EK, Z A4, xal ©6 ptv 40 magaiinioyocuucd
loov tevpdymvov cvvestarw ©0 XN, zé 0t HK icov
retpdyovoy 1o NII, xal xelodon dote én’ eb®elug slvoe
5 tqv MN tf; N5 én ebfslag &oa [fovl] xal 77 PN
;i NO. =xal cvumemingwodw 16 ZII rergaymvov:
pavegov 07 éx tov mpodedsyuévov, 8t ©6 MP uéoov
dvaldoydv éori tov EN, NII, xal loov v EA, xal
ot 20 AT ywplov Ovvarar § MJE. daxzéov 01, ot
10 7 ME éx 0vVo uéowv éotl mewry. émsl aovupsredg
doviv 7 AE tfj Ed wixer, edpusteog 0 7 EA T3}
AB, aevppergog dpx 7 AE vij AB. xel éwel ovpps-
19dg éotw 9 AH v} EH, ovpusctobs éore nel § AE
énarépq tov AH, HE. ¢l 7 AE aovppsrgog ]
15 AB pixer: wal of AH, HE &g aovpuergol &lor T1;
AB. of BA, AH, HE &ga ¢nral elor dvvauss pdvov
ovpuctgor’ wore uéoov dotly éxdregov 1av A0, HK.
aore xal éudvegov tdv EN, NII uéeov édorlv. xal
aof MN, N& éoa péoar elolv. xol émel evppsrgog 7
20 AH zjj HE gijxet, ovppetooy éot xel ©6 4O v HK,
tovréere ©0 ZN ¢ NII, vovtéort ©o amd vijg MN
1. I'd] BI', T'd P, corr. m. 1; JI' Bb, 2. Z4)] mut. in

A4Z V, AZ Fb. 8. Post rergoywwvor del. zo NII m. 1 P,
EN B, sed corr. 5. NXE] mut, in NZ V. 4¢r{] om. P,
dotly B. 8 NIIJIINF et in ras. V. 9. ME] MN,NX
corr. ex MNE V; mg. m. 1 yo. MN, NZ b. d: V. 10.
péooy F, corr. m. 1.  émsl gy F. 12, &oa] oo wal V,
doa fotiv F.  Post AB add. pijxee V, m. 2 B.  “éae(] om. P,
13. EH} HEF. d&omv B. 14, aldd — 15. xal] nel doue
(8aev B) dneo) w AE* §nen) doo wal émaréea rov AH (AE F),
HE. aol &msl acvupcteds fotey 9 AE tf) AB, cvuperoog o

% AE fxatéoq v AH, HE, xel (om. B) ’Fheon (BFVDb). 15.
doe] m. 2 F.  ovppereor BF, sed corr.  sloww PB. 18,

Post 4B add. prjxer m. 2 B. BAd]l om. P. slov B, 18,
dort PV, comp. Fb. 19, elo/ V, comp. Fb.  Ante % add.
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4 HE 2 __ lelogrammo 4@ aequale con-
struatur quadratum X N, par-
allelogrammo HK autem

B ox 4 ' N I1, et ponantur ita, ut M N,
P o NE in eadem recta sint;

M - itaque etiam PN, NO in
N eadem sunt recta. expleatur

quadratum XJII. tum ex iis,

! u! quee antea demonstrata sunt

[prop. LIII lemma], adparet,
MP medium esse proportionale inter XN, NIT et
= E A [p. 162, 1], et esse ME®*= AT [p. 162, 5].
iam demonstrandum est, M Z ex duabus mediis primam
esse. quoniam AE, EA longitudine incommensura-
biles sunt, et EA4, AB commensurabiles, 4E, 4B
incommensurabiles erunt [prop. XIII]. et quoniam
AH, EH commensurabiles sunt, etiam A4 E utrique
AH, HE commensurabilis est [prop. XV]. uerum
AE, AB longitudine incommensurabiles 'sunt. quare
etiam 4H, HE rectae 4B incommensurabiles sunt
[prop. XIII]. itaque BA et 4H, HE rationales sunt
potentia tantum commensurabiles. quare utrumque 4@,
HK medium est [prop. XXI]. quare etiam utrumgque
XN, NIT medium est. itaque etiam MN, N5 mediae
sunt. et quoniam 4H, HE longitudine commensura-
biles sunt, etiam 4®, HK, hoc est TN, NII siue
MNZ?, N5? commensurabilia sunt [VI, 1; prop. XI].
et quoniam AE, EA longitudine incommensurabiles
sunt, et 4E, 4AH commensurabiles, et EdJ, EZ com-

foruv BVDb, m. 2 F. 20. xal 70 4O] eras. V., 0] tﬁy

-~

MK F, corr. m. 2.
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©% amo thg N5 [dere dvvdpuer elol evpusroor af MN,
NE] xol énel dovpucteds éotv ) AE ©i) EA papne,
oAl n utv AE ovpuereos éote vfj AH, 0t EA i
EZ evbpusrgog, dovuuctgog éoe 7 AH ©ij EZ* dore
5 xal 70 A0 16 EA dovppetgov fotiv, Tovréert 1o EN
to® MP, vovtéstw 7 ON zjj NP, vovtéorww § MN
] N5 acvpusteds éote wixer. €0elydnoav 8 al MN,
N xal péoar ovoar xal dvvdus ovpusrpor® of MN,
NE dga péoar elol dvvdper pdévov oduustgor. Aéy@
10 01], Ome xal gnrov megiéyovew. émel yag % AE vmo-
xevton Exorége tov AB, EZ 6vuustoog, 6UVuusToos
doo xal 9 EZ 5} EK. xel §nry éxatéoe avrdyv’ ¢n-
Tov &Gpe 10 EA, tovréont ©6o MP* 7o 08 MP ot 70
vwd tov MNE. éiv 0 0vo péoar Ovvausr uovov
15 GvppeTgoL CVVTEddoL §nTov megLéyovaat, 1) OAn &Aoyds
éotw, xodsitan 0% éx 0vo péoaw moawry.
‘H éoa ME éx 0vo péowv éotl mowty' Omep £0&
dsibou.

’

5.

20 Eav ywglov megiéynrar vmd $nrHig xel Tig
éx 0vo dvoudrwv Toitng, W TO ywelov dvva-
uévny &Aoydg éotiv 1) xalovuévy éx dvo péoav
devréga.

Xwglov yag 10 ABI'A megueyéodo vmd fyrijs T8

25 AB xal tijg éx 0vo dvopdrev teltng Tig A dinen-
pévns &lg ta Svdpate xord ©o E, owllueiféy o to

1. Gore — 2. NE] om. P.  dove nal F, sed corr. 3.
glle V. 4. ovppeveog] om. FVbh. dovupergog] corr. €x
cdppereos m. 2 F. 5. dedppsreos F, corr. m. 2. dom BV,
comp. Fb. XN] corr. ex ENB. 6. NPlinras. V., T

doriv P. 8. dvvdper uovor V.  of — 9. ovupereor] mg-
m. 2 V. 9. elofv B. 10. JE] in ras. V.  11. 4B] corr.
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mensurabiles, 4 H et EZ incommensurabiles sunt [prop.
XTIII]). quare 4O, EA, hoc est £N, MP, incommen-
surabilia sunt, sine ON, NP, hoc est MN, NE, lon-
gitudine incommensurabiles [VI, 1; prop. XI]. demon-
strauimus autem, MN, NX et medias esse et potentia
commensurabiles. itaque M N, N5 mediae sunt po-
tentia tantum commensurabiles. iam dico, easdem
spatium rationale comprehendere. nam quoniam sup-
posuimus, 4 E utrique 4B, EZ commensurabilem esse,
etiam EZ, EK commensurabiles sunt. et utraque
rationalis est. quare E4, hoc est MP, rationale est
[prop. XIX]. vuerum MP==MN>< NZE. sin duae
mediae potentia tantum commensurabiles componuntur
spatium rationale comprehendentes, tota irrationalis est,
uocatur autem ex duabus mediis prima [prop. XXXVII].

Ergo ME ex duabus mediis prima est; quod erat
demonstrandum.

LVL

Si spatium rectu rationali et recta ex duobus no-
minibus tertia comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duabus mediis secunda,
quae uocatur.

Spatium enim 4 BI'4 comprehendatur rationali 4B
et recta ex duobus nominibus tertia 44 in nomina
in E diuisa, quorum maius est 4E. dico, rectam

ex EB m. rec. F. EZ] in ras. V. ovppsreos] om. K. 12,
o dor/ P. EZ] mut. in ZE V, ZE P.  13. tovtéorw P.
14. MN, NF V. y.o'vov% om. BFV. 15. ovvredGoww
PB. ]m 2F. 16. dort V, comp. Fb. 17. ME] MHZ,
del. Z, F éo/]l m. 2 F. 24, §nrijg] supra scr. F. 25
19[1:715-] supra scr. F. 26, &v] dv %6 P.  Zorw BFb.
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AE' Aéyw, Gt % 10 AT ywelov Ouvvaudvy &loylg
dovwy 7 xakovudvy éx 0vo péewv devréoa.

Koatsonsvaofo yep ve avre tolg medregov. xal
émel éx 0vo ovopdrwv éotl tolty v AAd, ol AE, EA
dga gnral elor dvvduer pudvov evuustgor, xal y AR
tijg E4 petforv dvverar v6 dnd cvuuérgov fevry, xel
ovdsréga 1y AE, EA abpperedg [dovi] tj AB pijxec.
ouolmg 07 Toly meodedaypévorg Oslbopev, Ote y M5
doziv 9 10 AT ywglov duvvauévy, xal of MN, NE
péoar slai dvvauss pdvov ovppstgor wors ) ME éx
dvo uéoav éeviv.

dextéov 01, o1L xal devréga.

[Kel] émel asvpueteds éotiv § AE tf; AB wijxe,
rovtéor. 1) EK, ovuuergog 8¢ 1y AE ) EZ, dodp-
uetgog doa éotlv v EZ vfj EK uixer. xoal &loo $nral
of ZE, EK aga ¢nrel slor dvvaps uovov eduusrgor.
péoov doa [éotl] 10 E A, tovréore 160 MP' xal msgué-
gevee vmo tov MNJE  udoov dga éotl o vmo v

‘H MJ &g éx 0vo péowv éotl devrépa‘ Omep Edse
deiar.

1. 7] supra scr. m. 1 b, 3. xeroonevdcdo Vb,  ydg]
0¢ V. b, eloww P.  Post AE del. Ed doa §nral elow m.
1P. 1 éou]J om. P. 8. ol mobregov- dedeiyuévoig Theon
(BFVDL). 7] m. rec. P. 9. 73] postea ins. F.  xei 6t
of BFV. 10. elotv B. ME] MZ FV.  11. do/ BV,
comp. Fb. 18, xe/| m. 2 BF, om. Vb. émel oov V. 15,
EZ)ZEP. EK]EHUP. 16. sloww PB. 17. é¢t{] om.
BFVb.  rovréomy P. 18. MN, NZ b. pégoy — 19,
MNZE] mg. m. 2F. 20. M5] MN, add. & m. 2 B; MNZ
FVb.  «ga] supra ser. m, 1 F.  dot{] om. P,  Onmep £dse
dsitar] om. BFVD,
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spatio 4I" aequalem quadratam irrationalem esse ex
duabus mediis secundam, quae uocatur.
Comparentur enim eadem, quae antea. et quo-
niam 4.4 ex duobus nominibus tertia est, 4E, EJ
4 HE 2 rationales sunt potentia tan-
tam commensurabiles, et
( AE? excedit E4® quadrato
B ® K 4 | rectae sibi commensurabilis,
I et neutra rectarum 4E, E4
rectae 4B longitudine com-
mensurabilis est [def. alt. 3].
iam eodem modo quo antea
| demonstrabimus, esse
= (0} ME? = AT
[efr. p. 162, B], et MN, N5 medias esse potentia
tantum commensurabiles [efr. p. 166, 10 sq.]. quare
MY ex duabus mediis est.
iam demonstrandum est, eandem secundam esse.
quoniam AE, 4B, hoc est 4E, EK, longitudine in-
commensurabiles sunt, et 4E, EZ commensurabiles,
EZ et EK longitudine incommensurabiles sunt [prop.
XTII]. et rationales sunt; itaque ZE, EK rationales
sunt potentia tantum commensurabiles. quare E 4,
hoc est MP, medium est [prop. XXI]. et rectis MN,
N5 comprehenditur. itaque MN >< N5 medium est.
Ergo MZA ex duabus mediis secunda est [prop.
XXXVIII]; quod erat demonstrandum.

L
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vt

'Edv yoelov megiégnras vwo ¢nrijg xal Tig
éx 0vo dvoudrov tetdeTyg, 1 1O ywelov dvva-
pévy &Aoydg éativ ) xnedovudvy pelow.

Xoglov pap 10 A megieyéedo vmd dnrijs wijs
AB xal tig éx 0vo dvopdrwv vevaprng tig A duy-
onuévng &l te dvéuere xere o E, dv psifov Eote
10 AE' Aéyw, 8tv 3 10 AT ywelov dvvauévy &ioyds
éotwv 3 nedovuévy upsilov.

Ensl yag 7 Ad éx 0vo dvopdrwv f6tl tevdgry,
af AE, EA &ga énrel &l6r dvvdps povov 6vuustoor,
xel 7 AE i EA psifov dvvarer v dmo dovuuiroov
éavry, xal ) AE t5; AB evpusrgog [dove] prxei. T
tuijodw § AE 8lye xeve v Z, xol té amd vijs EZ
loov maga v AE megafefiiodn magaiinidyoappov
©0 vwd AH, HE acvppstgog &pe Zotlv ) AH tj
HE wijxe. 7Tydooev magdiinios vij AB of HO, EK,
Z A4, xal v lowwe ve avti Tolg MWYO TOUTOV PEyovET®”
pavegdy 081, Ot 3 10 AT ywelov dvvapdvy éetiv 7
ME. dauxvéov 01, Ome § M &Aopog éorvwv 71 xaldov-
uévy pelfov. émsl acvuusreos foviv  AH vfj EH
urjxet, aovpusreéy dove xel 10 4O 6 HK, rovréor
0 EN ©d NII' of MN, NF &go Ovvduer &loly

2. meguégerar P. 4. pelfo V, sed corr. 8. 5] om. Fb.
AE P, ywelov §y Fb.  10. doziv P.  11. elaww P.  12.
viig] 74 b. =] corr. ex 76 V.  ocvppéreov, ¢- add. m. 2,
BFb. 18. don:] om. P.  15. AE] supra 4 scr. 4 b, E in
ras. V. 16. vmo zdoy V. AH] corr. ex AE m, 1 F. 117
EH V. 18. ZA] in ras., seq. ras, 3 litt. V, Z in ras. m. 1 B.

loime] supra scr. V.  zd] om. FV., adrd] om. F. 2L
obppergos F, corr. m. 2. douw] om. B. 22, zoveerizeons P,
corr. m, 1. 23. z3] corr. ex 6 FV.  doa] om. b,  slol

evpperoor V, corr. m. 2.
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LVIL
Si spatium recta rationali et recta ex duobus no-
minibus quarta comprehenditur, recta spatio aequalis
quadrata irrationalis est maior, quae uocatur.
Spatium enim AI" rationali 4B comprehendatur
et A4 recta ex duobus nominibus quarta in E in
nomina diuisa, quorum maius sit 4E. dico, rectam
spatio AI' aequalem quadratam irrationalem esse
maiorem, quae uocatur.
nam quoniam 4.4 ex duobus nominibus quarta est,
AE, EA rationales sunt potentia tantum commensu-
4 HE 2z rabiles, et 4E? excedit E.4*

4 quadrato rectae sibi incom-

l mensurabilis, et 4E, 4B
B— ok 4 | longitudine commensurabiles
P o sunt [deff. alt. 4]. secetur

A4E in Z in duas partes
aequales, et quadrato EZ?
aequale rectae A4 E adpli-
] cetur parallelogrammum
z 0 A4H >< HE.

itaque 4 H, HE longitudine incommensurabiles sunt
[prop. XVIII]. rectae 4B parallelae ducantur H®, EK,
Z 4, et reliqua eodem modo, quo antea [p. 166, 1 sq.],
fiant. manifestum igitur est, esse M52 == 4I". iam demon-
strandum, M5 irrationalem esse maiorem, quae uocatur.
quoniam 4 H, EH longitudine incommensurabiles sunt,
etiam 46, HK, hoc est XN, NI, incommensurabilia
sunt [VI, 1; prop. XI]. itaque MN, N5 potentia
incommensurabiles sunt. et quoniam 4E, 4B longi-
tudine commensurabiles sunt, 4K rationale est [prop.

Iy
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aovppsrgor. xal émel evuucrgds éetiv  AE v AB
unxse, onrov fore 10 AK' xal dovw leov tois amod
16y MN, NE* qudv doe [éotl) xel 0 ovyxelpevov
éx tév dnd vov MN, NE. xal émsl aovpuerods
[éovv] vy AE ©f; AB wine, vovréers vij EK, dAda
97 AE evpuevods dove vij EZ, aovupscrgog dga 7 EZ
tj EK wijxer. of EK, EZ éga gnval &lov Odvvauee
uovor evpustgor: uécov dga to AE, tovréet. 10 MP.
xal megueyetar vmd tav MN, N5 uéoov dgpa Zori
70 vxd tov MN, NE. xel ¢nudv o [ovpxsiusvov]
én tov and tav MN, NE, xal sloww acduuergor al
MN, NFE dvvdusi. éav 8% b0 sddsior dvvdper devu-
pETEOL BVYTERDOL moLoToaL TO ptv euprelucvov éx TGV
ax atTdY TeTgay@veY $nTiv, 10 & VR evrdy uésov,
7 8An &Aoydg o, xaldsirar OF uelfwv. A

‘H MJF épa &Aoys éorv ) xadovuévy uslfov,
xel dvvarer v0 AT ywglov: Omep &dst detbor.

vy

‘Eav yoelov megiéynrar vmd ¢nrijg xal tig
éx 8vo Svopudrov wéumTyg, N 1O y@Elov dvva-
uévy &ioydg dotiv 5 xalovudvy $nTdv xal wé-
6ov duvvaudvy.

Xoglov yag 10 A meguegéode vmo gnrig g
AB xal vijs éx dvo ovopdrov mépmrng vijg AA Ouy-
onuévng &g ta Svduara xave vd E, dots 1o upsifov
ovope slvar 10 AE" Aéyw [07), Ome 7 ©o AT ywelov

1. E4AP. 2. 4ou] douy P, deindel.  4E tj ABm. 1. 16
ecor.m.1V. 8 MN] NMP. {&ovl] om. BFVb. uut}
om. b. 5. dorv] om. P. tovtéory P.  ald’ F. 6.

domv P.  zfj]tiigc P. 1. elow P. 8, tovréstiv b. 14}
corr. ex v m. 1 F. 9. péooy — 10. NE] mg. m. 1 P. 10.
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XIX). et AK=MN%*+4 N 5% quare etiam MNZ+4 N5?
rationale est. et quoniam AE, 4B, hoc est 4E, EK,
longitudine incommensurabiles sunt [prop. XIII], et
A4E, EZ commensurabiles, EZ, EK longitudine in-
commensurabiles sunt [prop. XIII]. itaque EK, EZ
rationales sunt potentia tantum commensurabiles. quare
AE, hoc est MP, medium est [prop. XXI]. et rectis
MN, N5 comprehenditur. itaque MN >< N5 medium
est. et MN? 4 N5 rationale est, et MN, NE po-
tentia incommensurabiles sunt. sin duae rectae potentia
incommensurabiles componuntur efficientes summam
quadratorum suorum rationalem, rectangulum autem
medium, tota irrationalis est, uocatur antem maior
[prop. XXXIX].

Ergo M irrationalis est maior, quae uocatur, et
M52 == AT'; quod erat demonstrandum.

LVIIL

Si spatium recta rationali et recta ex duobus no-
minibus quinta comprehenditur, recta spatio aequalis
quadrata irrationalis est spatio rationali et medio
aequalis quadrata, quae uocatur.

Spatium enim AI'" comprehendatur rationali 4B
et 4.4 recta ex duobus nominibus quinta in E in no-
mina diuisa, ita ut 4E maius nomen sit. dico, rectam
spatio AI' aequalem quadratam irrationalem esse

vm] ovyxelpavoy éx V.  cvynelpsvoy] om. P. 11, éx zov)
supra ser. F.  xaf doriv dovppsteos ) MN i N5 Theon
(BFVb). 18. cvvredaoy PB. 14, 64 comp. F. 15, dome
BV, comp. Fb. 19. el z7jg] bis b.  26. 67] om. P. 7]
supra scr. m. 1 P,
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dvvapévy &lopds éotv 7 xedovuévny dnrov xel péeov
Svvaudvy.

Kareoxevaedm pag to avra tois meétsgov dedeiyusd-
voig' pavegdv 81, 61t 1 16 AT ywelov dvvapivy dorlv
1 ME. Odaxtéov 8, 6w 9 ME édétw 5 ¢nrov xal
péoov dvvaudvy. émsl yap aevupsteds éotiw 3 AH
tfj HE, aevuusroov oa éotl xal 10 AO té OE, tout-
ozt vo amd viig MN ©d ané tijig NE of MN, NE
doe Odvvdaper &loly aovupergor. xal émsl § A éx
dvo dvopdrav é6ti méumry, xel [doriv] EAaéoov avriig
tuijpe t0 EAd, ovpustoog dge ) EA v AB wixe.
alde 1 AE tvfj EA doniv dovppergog: xal 7 AB
doa t5] AE éomv aovupstoog pijxes [of BA, AE
onral slor dvvaus uovov evuucrgol]’ wéGov doa 6Tl
10 AK, tovréor: 10 ovyxeluevov éx tav axd tav MN,
NE. xal énel ovppereds éotw v AE tij AB pijxes,
rovtéor. i} EK, dAik ) AE v} EZ 6bpuetgds éoruv,
xal 7 EZ doa vi] EK ovppergds éotwv. xal ¢nry 5
EK* ¢nrov doe xel 10 EA, tovréen o MP, rovr-
éote ©0 vmd MNJE' of MN, N5 &ga dvvdus dovu-
uETQol &l6L moloVOoL TO Wiy GUyxelusvov éx tov ax
aUTdY TETQaymvOY piéGov, t0 & VX alrov $nriv.

3. naracnsvdodw V, sed corr.  yde] oy V. 7ol meo-
8edeypévory Theon (BFVb). 5. 3¢ F. 7. HE] corr. ex
EH V. éortv PB. 8. tijg NZ] wév NE P. 9. ovpu-
peroor V, corr. m. 2. Ad] 4 e corr. V. 10. £cm«ll om. P.

12. ¢22° F. 18, B4] mut. in 4ABm. 2 V, 4B F, 14.
elov B. 18, devppergos B, corr. m, 2. 17, 4’ F.  4E]
corr. ex BI', ut uidetur, V. é6vt PBV, comp. Fb. 18.
Ante ovppetoos ras. 1 Ltk V. xal ¢nry] ¢nr) 6é BFVb.

19. Post EK add. §nr &pa nal 7 EZ V. E.A] supra add.
dm 1b, tovtéetiy P.  rovtéory P, 20, vmo tav FV,

MN, N5 B. 21. elotv PB. 22. 8¢ F.
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spatio rationali et medio aequalem quadratam, quae
uocatur.
comparentur enim eadem, quae in superioribus de-
monstrationibus. manifestum igitur est, esse ME? s 4T
4 HE Z [p 162, 1 sq.). iam de-
I monstrandum est, ME esse
rectam spatio ratlonah et
4 medio aequalem quadratam.
Iot nam quoniam AH, HE in-
g commensurabiles sunt [prop.
N XVIIl], 46, ®E, hoc est
MN3, NE? incommensura-
bilia sunt [VI, 1; prop. XIj.
< Y itaque M N, N/ potentia
incommensurabiles sunt. et quoniam A4 ex duo-
bus nominibus est quinta, et minor pars eius est
Ed, EA4 et 4B longitudine commensurabiles sunt
[deff. alt. 5]. uetum AE, EA incommensurabiles sunt.
quare etiam 4B, 4E longitudine incommensurabiles
sunt [prop. XIII].Y) itaque 4K, hoc est MN?*4- N 5%,
medium est [prop. XXI}. et quoniam JE, 4B, hoc
est 4E, EK, longitudine commensurabiles sunt, et
4E, EZ commensurabiles, etiam EZ, EK commensu-
rabiles sunt [prop. XII]. et EK rationalis est. itaque
etiam E A, hoc est MP siue MN><NJ, rationale est
[prop. XIX]. itaque MN, N5 potentia incommen-
surabiles sunt summam quadratorum suorum mediam
efficientes, rectangulum autem rationale.

1) Cum lin, 18 &o«, quod edd. post AE habent, in codd.
omittatur, malui delere «i B4 — lin. 14 g¢vppergor.

Euclides, edd. Heiberg et Menge. III. 12
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‘H MJ5 &ga ¢yrov xal péoov dvvauévy éorl xal

dvvaras 10 A ' ywelov: Gmep éder dsitou.
v,

Eav ywplov megiéynrar o ¢nris xal vig
éx 0vo dvoparwv Extyg, 7 T0 ywelov Svvaudvy
EAoydg é6Tiv B xadovudvy 0vo péoa dvvaudvy.

Xoolov yae t0 ABI'A nspiegécdo Omo Gnrijg tig
AB xal tijg éx dvVo Jvoparev Extng tig AAd diyen-
uévng slg o dvdpare xave t0 E, were o peifov
ovopa &ivar 10 AE' Adye, ot 4 10 AT dvvauévy 7
dvo upéea dvvaudvy doviv.

Kareonsvaoda [yag) ta adra voig mpodedsiypdvorg.
@avegov 07, ot (7] 10 A" dvvauévy éotiv 5 MS,
xal Ore aovupereds éotiv 4y MN vfj N5 dvvaps. xal
éxel aovpuerelg oty v EA t) AB wixs, of EA,
AB dga nral slor dvvdper povov 6vuucTooL uioov
dga éotl 10 AK, Toutéots TO Suyxelusvov éx tov amod
16y MN, NE. maelw, énel aovuuergds oty 7 EA
vij AB wixs, devpucrgog dow éovl xal § ZE vy EK-
of ZE, EK dga ¢qval elor dvvaper puévov ovupergos

- uéeov doe éoti 10 E A, tovréor. 1o MP, rovréot. to

oo vdv MNJE. xol émel dovpuergos y AE ©fj EZ,
xel 10 AK v EA aovuuctoov éotwv. alde v pdv
1. dozdy PB. 6. %] postea ins. F.  péoog P, corr. m. 1,

7. énrig] om. F. 10. 7 — Odvvapéyn] mg. m. 1 P. 7}
(alt.) &loyds éoriv 5 xalovpéwrn Vb, e corr. F.  11. dorir] del
F, om. Vb, 12, xareoxevdsdow V.  yae] om. P. 13, 7]
om, PF. 15. E4) AE FVb. E4] AE'F, in ras. V. 16,
#loww B. 17. doziv P.  "dmo tdv éx tav F. 18. NX]
mut. in EN V. 19, Post 4B add. rovréesritj EX V. éoviy B.

ZE} EZP. 20 o«f] xal «f BFb. &loww P.  21. MP]
corr. ex ME m. rec. b. © rovrésmy P. 22 7] dorw 5y FV.

28. asvpuseroos F.
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Ergo M5 recta spatio rationali et medio aequalis
quadrata est [prop. XL], et M5? == AI'; quod erat
demonstrandum.

LIX.

Si spatium recta rationali et recta ex duobus no-
minibus sexta comprehenditur, recta spatio quadrata
gequalis irrationalis est duobus spatiis mediis aequalis
quadrata, quae uocatur.

Spatium enim 4BI'4 comprehendatur recta ra-
tionali 4B et recta ex duobus nominibus sexta 44
in E in nomina diuisa, ita ut maius nomen sit 4E.
dico, rectam spatio AI'" aequalem quadratam rectam
esse duobus spatiis mediis aequalem quadratam.

comparentur eadem, gquae in superioribus demon-
strationibus. manifestum est igitur, esse M5% = AT,
4 HE 2 et MN, NJE potentia in-

i commensurabiles esse [p. 176,
6 sq.]. et quoniam EA4,

a

K4 T 4B longitudine incommen-
P surabiles sunt [deff. alt. 6],
EA et 4B rationales sunt
M N =

potentia tantum ‘commensu-
rabiles. itaque 4K, hoc
est MN® 4 N5E®, medium

< est [prop. XXI]. rursus quo-
niam Ed4d, 4B longitudine incommensurabiles sunt
[deff. alt. 6], ZE et EK incommensurabiles sunt [prop.
XlII]. quare ZE, EK rationales sunt potentia tan-
tum commensurabiles. itaque EA, hoc est MP siue
MN >< NfE, medium est [prop. XXI]. et quoniam

AE, EZ incommensurabiles sunt, etiam 4K, EA
12*
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AK Zoti ©0 ovyxeiusvov éx tav amo tdv MN, NE,
70 0t EA éoti 1o Omo tév MNJE' dodpusroov Goc
dotl 10 oupxsiusvov &k Ty amd rov MNE 16 vmo
tov MNJE. xel dov péoov éxdrspov adrov, xal af
5 MN, NJF dvvaus &olv aovupcrgor.
‘H ME éga 0Vo péoa dvvauivy fotl xal dvverar
10 A" Omsp é0s Osifou.

(dippe

"Eay ebdeia poauuy tundy &g dvica, te dmod oV

10 dvicov tergaymve usifovd £6ti Tob Olg Omd THY AVI-
Gov megLeouivoy 0poywviov.

"Eotw evdesiw 1 AB xal terwijobe slg awee
xave ©o Iy xal dorw pellov 5§ A idpo, Su
dnd tov ALy, T'B pelfovd éov tov Olg vmd Tov

15 AT, I'B.

Terpijodw yop 5§ AB diya xate: td A. émsl odw
evdela yoauuy térunrar sl pdv loa xeve vo A, &
o} éwoa xeva o T, ©o &po md tév AT, I'B pere
tov and I'A ioov éorl v6 dmd A4 Sere toO VRO

20 vév AT, I'B &arvdv éote vob dmd A4 ©d dge Ols
vrd tdv A, I'B Hevrov 7 dumAdeiéy dove vod 4mo0
AAd. dlie ta ano vdv AL, I'B dumddad [éori] T
and v Ad, AT v& Goa émd vy AT, I'B psifove
éori tov Olg Vwo tov AT, I'B" 8nsp éd0er dsitar.)

26 £.
To amd tig éx 0vo dvopdrwv maga GnrHY
2. donn]m. 2 F. t5v] om. BFb. 8. MN,N5 V. "{’)

w6 FV. 4. MN, NEm 2 V. dott P.  péoov] pév
6. dvvdper V. 8. Ajjupa] m, 2 P.  10. loov V, sed corr.
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incommensurabilia sunt [VI, 1; prop. XI]. uerum
AK=MN?*+ N53 EA= MN> NS, itaque MN?
+ NZE? et MN >< N5 incommensurabilia sunt. et
utrumque medium est, et MN, N.E potentia incom-
mensurabiles sunt.

Ergo ME recta est duobus spatiis mediis aequalis
quadrata [prop. XLI], et ME? = ATI'; quod erat demon-

strandum.
[Lemma,

Si recta linea in partes inaequales secatur, qua-
drata partivm inaequalium maiora sunt duple rectan-
74 gulo partibus inaequalibus comprehenso.

Sit recta 4B et in I' in partes inaequales
14 secetur, et maior sit AI'. dico, esse
lp . AI*4+T'B*>24I><TIB.

nam 4B in A4 in duas partes aequales secetur.
~B jum quoniam recta linea in 4 in partes aequales secta
est, in 'autem in inaequales, erit AT><I'B+ I'd2=AA?
[IL,5]). quare AI'>< I'B< A 4%, itaque 2 AT'><I'B<2 A%
est autem A" 4 I'B*=2(44% 4 41?) [1], 9]. ergo
AI'*4-I'B*>2 A'>< I'B; quod erat demonstrandum].)

LX.
Quadratum rectae ex duobus nominibus rectae ra-

1) Cum Euclides iam prop. XLIV p. 128, 17 hoc lemmate
tacite usus sit, parum credibile est, id ab eo ipso hic demum
additum esse. quare puto, lemma "ab interpolatore adiectum
esse, quem fugerit, id iam antea usurpatum esse. facile ad-
paret, res ipsa ex II, 7.

slo V. aviooy tijg 6ing tunuatoy V.  12. form yde F. 13
ueifor ‘L’O A P. 18. 4] corr.ex BF. 17. yqay;m 7 ABV,
19. dno tijg Vbh. I'd] in ras. V, JT" P. the A4V,
20. éladgoy P, comp. Fb. Tij¢ A4V, 22. tng A4 V.
éoms) om. P. 24, cmy] om. P.  25. »#’, corr. m. 2, F.
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zagafalidpsvor mAdtog moiel thy éx 8d0 dvo-!
poETOY TERBTYY.

"Eotw éx 0vo Svopdzev 7 AB digonuévy &g Ta
ovéuera xara o I', dove 1o psifov Ovoua slver o
AL, xol éxnslodo onzt 4 AE, xal v and vijc AB
loov maga iy AE magefefiiodo 10 4EZH wmldvog
mowovy Ty AH' Aépm, Ot vy AH éx dvo Svopdrav
éoti mowry.

Hegafepinoda pap nage iy AE ve pdv axd
tijc AT loov 10 4@, @ 6% and vijg BI Ioov 0
KA lowdv &ge o dlg vmd védv AT, I'B leov éori
6 MZ. zerufodo  MH dlye nave ©o N, xal mag-
dAdniog fyd0 % NE [éxavépa téov MA, HZ). éxa-
Tepov Gpe tov ME, NZ leov éorl ¢ Gmak Dmd tév
ATB. xal énel éx 0vo dvopdrev éoriv vy AB dunon-
uévn &g te Svdpara xave vo I, of AT, I'B doa ¢n-
tal slor Ovvauer ulvov oOUupETEOL’ TR dQX ATWO THV
AT, I'B §nra éovi xal odppsron dAifAoig” dore xol
10 ovpxeluevov & tdv and tov AT, I'B [evupstody
dote volg and tédv AT, I'B* $qrdv dee Zotl ©0 ovy-
xslusvoy éx tov and vy A, I'B). xal éonv loov
16 AA* §nrov dga dotl T A A. xal mwaga dnTyv oY
A E mogansivar’ dnry doa fotlv v 4 M xal ovupstoos
1) AE wixer. mddw, émel of ATy, I'B ¢qrai elo
dvvduss uévov ovupergol, uédov &ea éorl vo dlg Vmo
oy AT, I'B, roveéor. t6 MZ. xal mage Gnriy o
M A magdnsivar: ¢nry doo xel 1 MH dove xel dodu-

5. z¢] corr. ex té m. 1 F.  4B] 4 e corr. B. 9. ré]
corr. ex zo m. 1 F, 10. 6] mut. in £6 m. 1 F, 48] &
ecorr. V. zd]corr. ex ztdm, 1 F, 11 doz/] m.2F. 12

dlza]l m, 2 V. 18. NE] N eras. F, & b. xazdpe — HZ)
om. P. 14. Post &« del, rév AH V.  NZ] corr.ex N5
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tionali adplicatum latitudinem efficit rectam ex duobus
nominibus primam,

Sit 4 B recta ex duobus nominibus in I' in nomina
diuisa, ita ut maius nomen sit A4 I, et ponatur ratio-
a KM N H nalis 4E, et quadrato 4 B?
l ‘ aequale rectae A4 E adplicetur
‘ A4 EZH latitudinem efficiens 4 H,
dico, 4 H rectam esse ex duobus

4 I B nominibus primam.
nam rectae 4 E adplicetur 40 =|4I"* et K 4= BI™,
itaque reliquum [II, 4] 2 A4I'<I'B=MZ. iam MH
in IV in duas partes aequales secetur, et N5 parallela
ducatur. itaque ME=NZ = AI'><I'B. et quoniam
AB ex duobus nominibus est in I" in nomina diuisa,
A", I'B rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. itaque 4I'*, I'B? rationalia
sunt et commensurabilia. quare etiam A4I'® 4 I'B®
{prop. XV]. et 4I'*4 I'B*=A 4. itaque etiam 44
rationale est. et rectae rationali 4E adplicatum est;
quare AJM rationalis est et rectae 4 E longitudine
commensurabilis [prop. XX]. rursus quoniam AT,
I'B rationales sunt potentia tantum commensurabiles,
2 AI'><T'B, hoc est MZ, medium est [prop. XXI].
et rectae rationali M4 adplicatum est. itaque MH
rationalis est et rectae M., hoc est 4E, longitudine

E 64 5 2

m 1 F 16, AT, I'B in ras. V., 16. af] xal «f V. 18,

dovi] el BFb, xaf](alt.) om. V. 19. Post I'B del. xaf forev

isov F.  ovpuergoy — 20. 'B] mg. m. 1 P.  20. dnzév —

21, 'Bl om. P. 22, 44) 4 e corr. FV, 44 P. 6] 6 F.
A44] corr. ex 44 m. rec. P. 23. AM] corr. ex 4H m.

2 F. ~27. &ox ot/ BFVb. xef] om. V. #6n] om. BFVD, *
ovupergog F, corr. m. 2.
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uetgos tfj M A, vovréor tff AE, uijuer. Eovi 0k xel
7 M4 éney xel tf] AE prjne ovpusToos qoUUHETQOs
dga dotiv 9 AM vij MH pijxes) el elov ¢nrai- af
AM, MH é&pa ¢nral sl6r dvvduss uovov GUuueroor’
éx d0vo dpa Svoudrev Zeriv ) AH.

dexvéov 0, oti xal moaTy.

‘Enel tév and tov AT, I'B uéeov dvdioyov éone
70 Umo tév AT B, xal tév 40, K 4 dga pleov dva-
Aoyov éor 10 ME. Eouv é&ge dg 10 4O medg 10
ME, oltwg 10 ME moog 0 KA, rovtéeriv dg 1 4K
neog vy MN, § MN mpdg tijv MK td &oa vmo
w6y AK, KM loov dovl vi dmd vijg MN. xel énel
ovupsTedy fots vd dmd vijg AT vé dmd vijg I'B, avp-
uergdy dove xal ©0 40 e KA dore xal 7 4K 3
KM odpustods dorw. xal émel pelfovd dovi v amd
tdv AT, I'B ot dlg vnd vov AT, I'B, usifov &ou
xal 10 4.4 1o MZ* @ore xal 7 AM vijg MH peifov
dotiv. xal éotiv loov 16 mo vév 4K, KM vg and
tiig MN, tovtéer. 16 tevdoro rod amo tijg MH, xel
ovupcrgog ) AK vff KM. éav 0} dou 0vo evdsion &vi-
dot, T 0t verdore wépst Tov amd tijg éhdocovog iGov
nagd: Ty pelfova mapaBindy éAdsimov cldel TeTouydVY
xol &lg oUpusToe avTyy dueepd, N usitov tig éAdecovos
petfov dvvatar ¢ dnd Gvuufroov favwij: 1 A M éoe
vijg MH psifov Ovverar t¢ amd ocvpufrgov Sevty.
xol &lor gnral af AM, MH, xai 7 4M psifov ovous
ovea ovuusteds dot i éxnepdvy dqri vf] 4 E pixé.

1. MA] AM in ras. V.  Zouv PB. 8. 4M] Md P-

nel slot] e corr. V. eloiv B. 4, AM, MH &pa] ©
corr. V. & &oa] supra scr. F, om. P. 7. Post Zmes add.

< ydg BVb, Fm. 2. 8 A TBm. 2 V. 10 4K] K

in ras. V. 13. I'B] BT in ras. V. 18. KM prjxse ovp-
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incommensurabilis [prop. XXII]. uerum M4 rationalis
est et rectae 4 E longitudine commensurabilis. itaque
A4M, MH longitudine incommensurabiles sunt [prop.
XII1]. et sont rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4 H ex duo-
bus nominibus est [prop. XXXVI], iam demonstrandum,
eandem primam esse. quoniam 4I">< I"'B medium est pro-
portionale inter 4 I'?, I" B [cfr. prop. XXI lemma), etiam
M medium est proportionale inter 4@, K 4. itaque
A40:ME=M}5: KA, hocest[V],1] 4K: MN=MN: MK.
itaque 4K > KM= MN? [VI, 17). et quoniam
AT 'B commensurabilia sunt, etiam 46, K 4 com-
mensurabilia sunt. quare etiam 4K, KM commen-
surabiles sunt [VI, 1; prop. XI]. et quoniam est
AT +T'B2>2Ar>< I'Bfu. ad lemmal, erit 4 4> MZ.
quare etiam JM>MH [V], 1; V, 14]. et
AK >< KM = MN?* =1 MH?,

et 4K, KM commensurabiles sunt. sin datae sunt
duae rectae inaequales, et quartae parti quadrati mi-
noris aequale spatium maiori adplicatur figura qua-
drata deficiens et eam in partes commensurabiles
diuidit, maior quadrata minorem excedit quadrato rectae
sibi commensurabilis [prop. XVII]. itaque 4 M? ex-
cedit MH? quadrato rectae sibi commensurabilis. et
AM, MH rationales sunt, et maius nomen AJM
rectae rationali propositae 4 E longitudine commensu-
rabilis est.

pezeos dom V. Post Zorivy add. prixee m. 2 B. 16. rov
— TI'B] supra scr. F. 18, 40t PVb, comp. F.  20. Post
KM add. pixee V, m. 2 B, doww PB. 28. duugei b.

24, Ante peifov ras. 1 litt. F.  25. 7] 6 V.  26. xal 5§ —
27. fore] in ras. F.  26. 4M] MH P, HM Fb.
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‘H AH é&ga éx 0vo dvoudrav éorl modry Omep
&0s deikou.
Ea’,

To dmd tijg éx 0vVo uéewv mowTys magae §1-
v wagafalidpsvov mAdvog moisl TyY €x dvo
dvoudrov devrigan.

"Eore éx 0vo uéowv modvn 7 AB dupenuévy &ls
rag upéoag xave vd Iy, av uelfov § AT, xal dxxslodo
o1 | AE, xal magafefiicdo mepn viv AE t6 ano
t7jg A B loov magalindoyeauuov 10 4Z midrog motovy
vy AH' Aéyw, o119 4 H éx 6¥0 dvopdrov éerl devrépa.

Katsonsvdodo pog te avre voly med Tovrov. %ol
énel ) AB én dVo upfowv é6rl mecivy dupenuévy xard
w0 I'y of ATy I'B dpo uéoar slol Ovvdus wovov
ovuueroor OnTdv megiéyovoar @OTE xal TE AmO TOV
AT, I'B yéoa éotlv. péoov épa dotl 10 A A. nal maga
v vy AE mogaféBinron $nry doa édoriv § MJ
xol aovpucreog 15 A E wixe. mdiw, émel fnrdv éou
70 dig vmd tdv AT, I'B, ¢nrdv éov xal 10 MZ, xel
naga $nriy iy M A megdxsitar §nry doe [fovl] xel
7 MH xal pfxse evpustoog vfj M A, tovréon tfj 4E°
aotupctoog doa fotlv 1 AM vii MH wixe. xel &lo
dnral’ of AM, MH éoa ¢nral elo. dvvduss udvov
ovpusTgor” éx 0vo &oa Svoudtwy detiv §) A H.

1. dvopatw b.  Omee £de deifor] om. BF VDb, comp. P. 8.
g8’ F. 4. $nrfis B, sed corr. 7. forw] e corr. m. 2 F. 9.
naga Ty JE magafefiniedo P. 10. AB] corr. ex A4 m.
1b. ooy vé6 P. 12, nataonsvacbo V.  14. af] in ras.
m. 2 B.  slelv B. 16. etiv] éori PB, comp. Fb, slef V.
17. nepasectar Theon (BFVb). 19, dom] om. B.  20. ¢7,
supra scr. 7oy P.  dov(] om. BFVb.  21. edppereos winer Vo
I&;A]é&f e corr. V. 22, doeiv] om. V. puguer vy MH V.
elowy B,
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Ergo 4H ex duobus nominibus prima est [deff.
alt. 1]; quod erat demonstrandum.

LXIL

Quadratum rectae ex duabus mediis primae rectae
rationali adplicatum latitudinem efficit rectam ex
duobus nominibus secundam.

Sit 4B recta ex duabus mediis prima in I in
medias diuisa, quarum maior sit 4I', et ponatur ra-
4 KM N H tionalis JE, et rectae 4E adpli-

‘ J cetur quadrato 4 B*® aequale par-
1 allelogrammum A4Z latitudinem
E ®4 & L officiens 4H. dico, 4H ex duo-

4 T B  bus nominibus secundam esse.

nam comparentur eadem, quae in priore propositione.
et quoniam 4B ex duabus mediis prima est in I'
dinisa, AI'y I'B mediae sunt potentia tantum com-
mensurabiles spatium rationale comprehendentes [prop.
XXXVII]. quare etiam 4I'% I'B* media sunt [prop.
XXI]. itaque 44 medium est. et rectae rationali 4E
adplicatum est. itaque M rationalis est et rectae
A E longitudine incommensurabilis [prop. XXTI]. rursus
quoniam 2 A" >< I'B rationale est, etiam MZ rationale
est. et rectae rationali M4 adplicatum est. itaque
etiam MH rationalis est et rectae M. longitudine
commensurabilis [prop. XX], hoc est rectae 4 E. itaque
dM, MH longitudine incommensurabiles sunt [prop.
XIIT]. et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4H ex
duobus nominibus est [prop. XXXVI].
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dexzéov 91, 6vL nal devréga.

'Enel yag ve and vév A, I'B peitovd doti Tov
dlg Omd rov A, I'B, usitov doa xal t6 AA Tov
MZ- dore nal § AM vijg MH. xol émel ovupsroov

5 dotu 10 amod viig A 16 amd tijg I'B, evuusrody éome
xal 10 40 19 KA dove nel § AK vf; KM ovupe-
196g fomv. xal éovt TO vmd v AKM leov v amd
tiig MN* 5 A M doe vijg MH ueifov dvveter ¢ dxd
ovpucroov favrf). xal éoriw § MH evuustgog tvij AE

10 prjxet.

‘H 4H éga & 8vo dvoudrov éotl dsvripc.

£
To and tijg éx 0vo pédwv dsvrépas mapa
énTyv magafaildpsvov midvog moLsl TRV X
15 0vo dvoudtwv Tolty.
"Eerem éx dvo péowv devrépa v AB duponuivy &ls
tog uéoag xara vo I, dovs 1o pelbov tufjue slver 10
AT, fmey 6 g éotwm 7 A E, xal mapa tqy AE 16
and 17g AB l6ov magalinldpgapuov mepefeflricdo
20 70 AZ mhdrog mowovy Ty AH' Adyw, ¢t 1) AH éx
d0vo dvopdrtov éotl ToiTy.
Kateoneviodm o adrd tolg meodedeipuiévorg. xal
émel éx 0vo plowv Osvrépe Zotlv v AB Jdupenuévn
“nare ©o T, af AT, I'B &ga péoar elol dvvduer uovov
25 CURUETQOL UEGOV WEQLELOVGOL" BOTE Kol TO CUYAELUEVOV

3. AT} I'in ras. m. 1 P. 7. 4otv] 46z BV, comp. Fb.
dor1] doriv P. A4KM) K corr.exMm. 1 P; 4K, KM corr.
ex 4K, NM V. 8 MH]}corr. ex MN m. 1 b.  diverat
peifor V. 12, EB’] corr. ex Ey' F. 15, dvopdrew] corr. exX
péooy m. 2 B, tolenr] in ras. m. 1 B, 16. form] in ras.
m.1B. 18, forw] yeyovétw V. JE] inrae. m.1B. wijy]
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iam demonstrandum est, eandem secundam esse.

nam quoniam AI? 4 I'B®> 2 4I'>< I'B [prop.
LIX lemma], erit etiam 44> MZ. quare etiam
AdM > MH. et quoniam AI?, I'B? commensurabilia
sunt, etiam 4O, K 4 commensurabilia sunt. quare
etiam 4K, KM commensurabiles sunt [VI, 1; prop.
XT]. et AK>< KM==MN? [cfr. p. 184, 7 8q.). itaque
AM? excedit MH*® quadrato rectae sibi commensu-
rabilis [prop. XVII]; et MH, 4E longitudine com-
mensurabiles sunt.

Ergo 4H ex duobus nominibus secunda est [deff.
alt. 2. .

LXIL

Quadratum rectae ex duabus mediis secundae rectae
rationali adplicatum latitudinem efficit rectam ex duo-
bus nominibus tertiam.

Sit 4B ex duabus mediis secunda in I" in medias
diuisa, ita ut maior pars sit 4T rationalis autem sit
4 KM N _ H AJE, et rectae 4 E quadrato 4 B?
aequale parallelogrammum A4Z
[ adplicetur latitudinem efficiens
2 ©4 5 Z 4H. dico, 4H ex duobus nomi-
4 I' B  nibus tertiam esse.

comparentur eadem, quae in superioribus demon-
strationibus. et quoniam 4B ex duabus mediis se-
cunda est in I' diuisa, 4TI, I'B mediae sunt potentia
tantum commensurabiles spatium medium comprehen-

] =

éngnv iy F. 16 ) corr. ex ¢6o m. 1 F. 20. 7ijv] corr. ex

tom. 1B, 16 F. 22 xal xareonevaddo, del. xaf, F; noto-

oxsvocdw yoe V.  nal] postea ins. F, 23, dori dsvréen P.
24. 'B] I''in ras. V." piooe adea V.  slolv PB.
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é tdv amd tov A, I'B péoov foviv. xei donv
lgov tp 44" péeov apa xal ©0 dA. xal megdxeitel
nage gyriy vy AE' ¢y dga dovl nal 7 M xel
a6vpusrgos v AE wixe.. Ok ta atre 0 xel 7
MH ¢nry deri xal dovupergos tj MA, tovréore tjj
AE, wixes: gnry doa éotlv énxavépa tdv AM, MH
xal dovuustgog vij AE wixe.. xal émel aovupergog
éoviv 1) AT ©ij I'B pijner, ag 0% v AT mgog v I'B,
ottwg 16 awo tijg A medg ©6 U tov AB, acvp-
pergov doo xol to amnd vijg AT v Umo vdv ATB.
@ote xal 10 Guyxelusvov & tdv amd tov A, I'B
16 Olg tmd oy A'B aevpuetodv otiv, TovréoTL TO
44 vg MZ' dGove xoel § AM vfj MH dovuuergog
dotww. xal slor $nral éx dvo dea Svopdrwv éoviv
n AH. '

dentéov [01], 6ve xal toiTy.

‘Ouolmg 07 voig mootégos Emidoyiovusda, O pei-
bov éotlv vy AM viig MH, xal ovupsrgog § AK 7j
KM. xoi éote to6 vmd tov KM loov ve dmd ijs
MN' 5 AM ége vijg MH psitov dvverar ve amd
ovpuéroov favrf. xal ovderépa tov AM, MH ovy-
pevoog éote ] AE prxe.

‘H A4H dga éx O0vo ovopdrmv fotl telry' OmeQ
&0er Octbou.

L. éx vév] om. Fb, m. 2 B.  {ovfy] éovl PBVb, comp. F.
2, nogaxnsirar]om. V. 8.ty JE §neijy P, £d1:lvB nm’]
om. B. a4MP. 4 5“9 xal Sue F. 6. on'm — 7. pyxneL
mg. m. 2V. 6 MN 8. 7j I'B — 7 AI'] supra scr.
m. 2 F. 9. 7i]) tév B. AT, B4 B. avppereov B, corr.
m. 2. 10. 7d] corr. ex @ V. té] corr. ex v m. 2
AT, B V. 11, T'B) om.P. 12. ABT' P. feu PBFY,
comp. b. 6] ré F. 18, 44] 44 F et, eras. 4, b. xaf]
om. B. 14, 46t PBV, comp. Fb. 16. d4] om. P.  17.
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dentes [prop. XXXVIII]. quare etiam AI'* 4 I'B?
medium est. est autem AI® 4 I'B*® = 44. itaque
etiam 44 medium est. et rectae rationali 4E ad-
plicatum est. itaque M rationalis est et rectae 4 E
longitudine incommensurabilis [prop. XXII]. eadem
de causa etiam MH rationalis est et rectae M4, hoc
est 4 E, longitudine incommensurabilis. itaque utraque
AM, MH rationalis est et rectae 4E longitudine in-
commensurabilis. et quoniam A4I', I'B longitudine in-
commensurabiles sunt, et AI':I'B=AI*: AI'>XI'B
[prop. XXI lemma], etiam 4I? et 4I'><I'B incom-
mensurabilia sunt [prop. XI]. quare etiam 4I'* 4 I'B?
et 2 4I'><TB, hoc est 44 et MZ, incommensura-
bilia sunt. quare etiam A4 M, MH incommensurabiles
sunt [VI, 1; prop. XI]. et sunt rationales. ergo 4H
ex duobus nominibus est [prop. XXXVI].

demonstrandum, eandem tertiam esse.

eodem igitur modo, quo antea [p. 188, 2 seq.], con-
cludemus, esse 4M > MH, et 4K, KM commensu-
rabiles esse. et JK >< KM = MN? itaque 4M?
excedit M H? quadrato rectae sibi commensurabilis
[prop. XVII]. et neutra rectarum 4M, MH rectae
AE longitudine commensurabilis est.

Ergo 4H ex duobus nominibus tertia est [deff.
alt. 3]; quod erat demonstrandum,

87] 6é V. modregoy BFb. Gz] corr. ex v m. rec. P. 19,
4dKM]} 4 e corr. V, corr. ex 4 m. rec. P. 21. ovppétgov)
¢inras. V. 22 Zguwy PV, 28, &mse £der Jeikar] comp. P,-
om. BFVDb,
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&

To and vijg peifovog mage gyryv magafai-
Aducvov mAdrog moiel Tnv éx dvo dvoudrov
TETRQTNY.

5 “Eoto pellov n AB dumonuévy nerve vo Iy, Gore
peibova sivar v A vig I'B, ¢yvy 0t 7 AE, xel
td ano vig AB loov mage iy AE megefeflicde
10 AZ mogalinidygauuov midrog morovv v AH-
Ayw, 0tv 7 AH éx 8vo dvoudtav feri terdgr.

10 Kersoxsvaedo ta adrd rolg mpodedsyuévois. xail
émel pelfov daviv n AB duponuévy xara vo I, af AT,
I'B dvvapes slolv devppetgor molovoar To piv Guy-
xeluevoy éx TOV aX aUTOV TETQAYWV@Y $NTOV, TO OF
U7 attév pdeov. Emel odv gnrdv det 1O Gupxelucvov

16 éx tdv and tov AL, T'B, ¢nrov dga éotl ©0 A4-
onry Goo xal n AM xal oVpupergog i) AE pijxe.
nodwv, émel péoov éoti vo dlg vmd tov AT, I'B,
tovréore vo MZ, xal mage ¢nriv ot iy MA, dnrn
doa fotl xal % MH xol dovupergos vij AE wijxse

20 aovuuergog &oo fovl xal § AM vfj MH pijxe. of
AM, MH &go {nzal elor dvvaper pdvov ovpucrgoc*
éx 0o doe dvoudtav dotiv § AH.

dexzéov [07)], 0te xal TevdQTy.

‘Ouolag 07 delkouev Tolg meotegov, Ote pelfwv éotiv

1. £0° F, et sic deinceps. 6. ¢n supra scr. =i V. dé
g V. 7. moge — 8. 4Z]l mg. m. 1 F. 8. 4H] corr. ex
4dE m.1 F, 9.7 dH] corr.ex AH F. 10, xataonsvacto
.V. Dein add. ye¢e FV. ngodsdaiuévorg F, corr. m. 2; meo-
656¢6ayp,evom P, mg. m. 1 ye. zeo&sé‘swysvo;c 12. I'B
doa V. slol ovupuczoor B, corr. m. 2. pév) supra ser. m.
1F. 184 BFV. 15 AA] corr. ex 44 m. rec. P. 16,
dM] Ma BVb, “4'M F. 17. ATBP, 18, dori] om.
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LXIII.

Quadratum maioris rectae rationali adplicatum la-
titudinem efficit rectam ex duobus nominibus quartam.

Sit maior 4B in I" diuisa, ita ut sit 4I'> I'B,
et rationalis sit 4E, et quadrato 4 B® aequale rectae
4 KM N H A4dEadplicetur parallelogrammum
' A4Z latitudinem efficiens 4H.
dico, 4H ex duobus nominibus
E 64 & Z guartam esse.
4 r B comparentur eadem, quae in
superioribus demonstrationibus. et quoniam 4B maior
est in I' divisa, 4I, I'B potentia sunt incommensu-
rabiles efficientes summam quadratorum rationalem,
rectangulum autem medium [prop. XXXIX]. iam quon-
iam AI'® 4 I'B? rationale est, 44 rationale est.
quare A4M rationalis est et rectae 4E longitudine
commensurabilis [prop. XX]. rursus quoniam 2 AI'><I'B
medium est, hoc est MZ, et rectae rationali M4 ad-
plicatum est, etiam MUH rationalis est et rectae JE
longitudine incommensurabilis [prop. XXII]. itaque
4dM, MH longitudine incommensurabiles sunt [prop.
XIII]. quare 4 M, MH rationales sunt potentia tantum
commensurabiles. ergo 4H ex duobus nominibus est
{prop. XXXVI].

demonstrandum, eandem quartam esse.

iam eodem modo, quo antea, demonstrabimus, esse

Theon (BFVb). MA] corr. ex M4 m. rec. b, M4 BF.
Deinde add. wagaxeizar Theon (BFVY). 19, dovty V. 20,
doctv P. dM] M ecorr.m. 1 F. Ante of del. et F. 21,
o] om. P. " 28, 8] om. P. 24, 87 tois medregov imi-
loyrodpe®e, 6z: Theon (BFVD).

Euclides, edd. Heiberg et Menge. IIIL 13
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7 AM tijg MH, xol 8t 70 vmd 4K M loov dotl 66
dnd tijg MN. énel odv dedpuerody ot ©d dmd Tijg
AT ¢ amd tijig I'B, éovpuergov doa éotl xel =
40 g KA' dore acvpustoos xel  AK tff KM

5 dovwv. Zav 0t oar 0vo edBelar &vidor, T 0% Terdored
péost Tob amd vijg éldedovog loov megalinddyeauuor
mxp& Y yel@omx uagaﬁlnﬂﬁ élAeimov &lder vTergo-
yove xel &l acvuperoe av‘mv duupr), ye[{aw LT
éldocovog petlov dvwioerar T6 dmd advy.ys'rgov fxvTT;

10 pjxees n AM é&oa vijc MH peifov dvverar T and
acvpuéroov éavry. xal elow of AM, MH ¢yrai dv-
vdps. wuévov ovuusrgor, xel § AM oUpuergds éore
ti] éuxewuévy éyrii vy AE.

‘H 4H idga éx Vo Svopdroy fotl tevdgrn' Gmep

15 £0zc Ostéau.

o',

To émo tijg ¢nrov xel pécov dvvaudvng ma-
ea Onty wagafailopcvor mAdrog mworel v éx
0v0 dvopdrov néumryy.

20 “Eotw $nrov xel pidov dvveuévn v AB duponuivy
gl tag svdelug xava to I', dove pelfove elvaw Tiv
AT, xel éxxelodw (nry % AE, xol ve dno vijs AB
loov mage tyy AE magafefiicdo ©0 AZ wmidrog
movovy Ty AH' Aéyw, v 7 4H &x 8¥0 dvopdror

25 devl méumry).

1. mg] tf V2 MN BV. o6 1oy V. AKM] supra.
add. X V. 8. ©6] corr. ox re? F. 4. aavypstpoll
Theon (BFVb). KM dedppereds éotiv Theon (B Vb)

5. daww BF. ~ 6. Post foov del. uaga iy pelfove ¥,  =map-
allﬁnlquuyp,ov] om. V, 7. mz(m v pelfova] om. Fb, m,

8. dieei F, Srasoel popner V. 10. aM]} corr. ex
4HF. 11, cvppéreov F.  18. 4E] corr. ex JH F. 14,
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AM > MH, et 4K>< KM == MN® jam quoniam
AI'?, I'B? incommensurabilia sunt, etiam 48, KA
incommensurabilia sunt. quare 4K, KM incommen-
surabiles sunt [VI, 1; prop. XI]. sin datae sunt duae
rectae inaequales, et quartae parti quadrati minoris
aequale parallelogrammum maiori adplicatur figura
quadrata deficiens et eam in partes incommensurabiles
diuidit, maior quadrata minorem excedit quadrato
rectae sibi incommensurabilis [prop. XVIII]. itaque
A M? excedit MH? quadrato rectae sibi incommensu-
rabilis, et 4M, MH rationales sunt potentia tantum
commensurabiles, et 4 M rationali propositae AJE
commensurabilis est.

Ergo 4H ex duobus nominibus quarta est [deff.
alt. 4]; quod erat demonstrandum.

LXIV.

Quadratum rectae spatio rationali et medio aequalis
quadratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I’ in rectas diuisa, ita ut 4I" maior sit,
4 KM N H etponatur 4E rationalis, et qua-

! drato 4B? aequale rectaec JE
‘ adplicetur A4Z latitudinem effi- |
E ©4 & Z ciens 4H. dico, 4H ex duobus

— | . .
4 r B  nominibus quintam esse.

onee £8er Sstgou] comp. P, om. BFVb. 17. xaf] postea ins.
m. 1 F. 20. ¢nr} F, sed corr. %) 4B]m. 2V,

r
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Koteoxevdodo ta adrve tols med Tovrov. émel otw
onrov xal uéoov dvvepdvy datlv 7 AB Oduponuévy
xeve vo Iy af AT, I'B dga dvvdue: eloly aovupergor
motoboe TO pv oupnsiucvov &x TV ax alrHv TETQU-
yovoy udoov, 1o & Ux alrdv Gyrov. Zmel ovw pé-
dov Zoti vd ovyxslusvov éx tév dmd vév AT, I'B,
uéoov doa fetl 16 AA° Bove ¢nvi doviv 1 AM xal
wijxee aovuuergog tfj AE. mdlw, émel $nrév ot o
dlg vm0 vov ATI'B, tovréon 10 MZ, ¢y dee 7 MH
xal ovppcrgog tij AE. devpustgog doa n AM tj
MH of A4M, MH dga ¢yral &lor Svvduer udvov
avuuctgol éx O0vo dga dvoudrav fotiv v AH.

Aéyeo 81, Ovi xol wéumwry.

‘Ouolmg yap Oeydijoerar, 6ve 10 vmd Tdy AKM
loov otl ©d dmd vijg MN, xel aovupstoog ) AK i
KM wixse: % AM &oe tijg MH ypsifov dvverer vé
and aovupérgov favrf. xel slow of AM, MH [éy-
rol] Ovvauer udvoy ovuuergor, xel 1 éladowv 5§ MH
ovppergog 5} AE pixe.

‘H 4H &g éx dvo dvopdrav 67l méumen: Omeo
&8s Ocibou.

Ee.

To and tijg 0vo péoe dvvaufvyg mage ¢1-
v wegafalldpcvoy wldrog moLEl TRV éx 0vo0
dvopdrov Extny.

"Eerm 0vo uéoe Ovvauévn 1 AB dupenuévy xava
©o0 I, gnrvyy O} éovo v AE, xol mage iy AE v

, 1. xateoxevdedw V. Deinde add. yde FV.  med rodror]
zgotsqov, corr. m. 2, F. 4. terodywvoy F, corr. m. 2.  b.
8¢ F. 7. neel o b, 8. tiln b 9. AT, I'B B et corr.

in 4B V. 10. Post JE add. pijxer m. 2 B, 11. aM]
in ras. V. 17. svppérgov, sed corr.,, BFb. énral] om. P,
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comparentur eadem, quae antea. iam quoniam
AB recta est spatio rationali et medio aequalis qua-
drata in I" divisa, 4TIy I'B potentia incommensurabiles
sunt efficientes summam quadratorum mediam, rect-
angulum autem rationale [prop. XL]. iam quoniam
AI? 4 I'B® medium est, 4.4 medium est. itaque
4 M rationalis est et rectae 4 E longitudine incommen-
surabilis [prop. XXII]. rursus quoniam 2 4I'>< I'B,
hoc est MZ, rationale est, M H rationalis est et rectae
4E commensurabilis [prop. XX]. itaque 4M, MH
incommensurabiles sunt [ prop. XIII). quare 4 M, MH
rationales sunt potentia tantum commensurabiles. ergo
A4H ex duobus nominibus est [prop. XXXVT].

iam dico, eandem quintam esse.

nam similiter demonstrabimus, esse 4K > KM ==
MN?2 et 4K, KM longitudine incommensurabiles. itaque
4 M2 excedit MH? quadrato rectae sibi commensura-
bilis [prop. XVIII]. et 4M, MH potentia tantum
commensurabiles sunt, et minor MH rectae 4E lon-
gitudine commensurabilis est.

Ergo 4H ex duobus nominibus, est quinta [deff.
alt. 5]; quod erat demonstrandum.

LXYV,

Quadratum rectae duobus spatiis mediis aequalis qua-
dratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus sextam.

Sit 4B recta duobus spatiis mediis aequalis qua-

m 2 P 20. 4H] 4M PBb, 4H in ras, V, mut. in 4 M
m. 2 ]F omeg &0z dsikar] comp. P, om. BV,  27. 8’ b.

2
wv] $neiv vy F. 1] corr. ex ©é m. 1 F.
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ano vijg AB loov magefefiiodmw v0 AZ whdvog
ooty iy AH' Adya, 6w 3 AH éx dvo dvopcrav
éorlv Exvy.

Kareoxevaodo yag te avta zolg mwedregov. xal
énsl 1§ AB 0vo péoa Svvaudvy éovl dupenuévy xete
0 I'y, el A, I'B &ga Odvvape sloly aovupctoo
moLoDoaL 10 TE Guynelusvov éx TGV ax avTdY TETQM-
yovoy pédov xel ©d UK avzov pédov xal ri dovp-
BETQOY TO &x TOY GX QUTOV TETPAYWBVOY CUPXELUEVOV
T6 VX evrdv' @ove xevk T mgodedsiyudve pécov
éotly éxavegov taov A4, MZ. xal maga $nriy T
AE mogdxsivar: ¢nuy dea Eotly éxavége tov AM,
MH xol dovpusrgos vij AE pijxer. xel imel aovups-
100y i6Ti TO Ovpnelucvov ix tov axd vév A, T'B
T Olg vmo tov AT, I'B, devppergov Goa éotl to
44 v@ MZ. dodppergog doo xel 3 AM =jj MH'
of AM, MH &pe ¢nrei elor dvvdus povov ovuue-
Tgor® éx 0vo doa Svopdrav ietiv ) AH.

Aéyo 81, Ove xal Exvy.

‘Ouolwg 01 madw dsifopsv, 1 £o Omo oy A KM
loov éorl ©é amd tijg MN, xal ovw § 4K vjj KM
uijxee Eotly devpustgog” xal dix e avva Oy § AM
s MH pstfov dvvater © dmd dovppéroov éavry
pijxet. xal ovdsréga vy AM, MH ovpuctds ote
T} duxepdvy Onei o AE prxec.

1. loov] looy magalinidyeaupoy V. 4. xaracnsvacdo V,

sed corr. = 5. dvo] & corr. ex u F. 6. AT TAF. 9.
10 ovyneluevov éx 1oy an’ adrov terpaydvey Theon (BFVh).
10. t@] ¢ #% téy P. o] om. b.  mpodedsidaypéve P,
corr. m. 1. 12. mwopaxswvrar P. doviv] éotl wal BFVD.
16. dorty P, 16, MZ] corr. ex MI'm. 1 F.  17. 4M]
corr. ex AM m. rec. P. 19. d7] om. BV. 20. d71] yde
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EM N H drata in I' divisa, JE autem
rationalis sit, et rectae JE qua-
drato 4 B* aequale adplicetur 42
. latitudinem efficiens 4 H, dico, 4H
4 ' B  ex duobus nominibus sextam esse.
comparentur enim eadem, quae antea. et quoniam
AB recta est duobus spatiis mediis aequalis quadrata
in I'" divisa, AT, I'B potentia incommensurabiles sunt
efficientes summam quadratorum mediam et rectangulum
medium et praeterea summam quadratorum rectangulo
incommensurabilem [prop. XLI]. quare ex iis, quae
antea demonstrata sunt, 44 et MZ media sunt. et
rectae rationali 4E adplicata sunt. quare utraque
4M, MH rationalis est et rectae 4 E longitudine in-
commensurabilis [prop. XXII]. et quoniam A I | I'B®
et 2 4I' >< I'B incommensurabilia sunt, 44 et MZ
incommensurabilia sunt, quare etiam 4 M, MH in-
commensurabiles sunt [VI, 1; prop. XI]. itaque 4M,
MH rationales sunt potentia tantum commensurabiles.
ergo 4H ex duobus nominibus est [prop. XXXVI].
iam dico, eandem sextam esse.
iam rursus similiter demonstrabimus, esse K> KM
= MN?, et 4K, KM longitudine incommensurabiles
esse. eadem igitur de causa 4 M? excedit MH*® qua-
drato rectae sibi longitudine incommensurabilis [prop.
XVIII]. et neutra rectarum 4 M, MH rectae rationali
propositae 4 E longitudine commensurabilis est.

4
f
|
E

64 E 2

Theon (BFVb). maliv] om. V. Deinde add. rois meo rovrov
Theon (BFVb).  &r] supra scr. F. 21, XM] MH F, corr.
indKMH m. 2. 22, de revre BV.  23. ewppérgov BF,
sed corr. .
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‘H 4H dga éx dvo dvopdrav detly Exvn omsg
&0s Ostbau.
&'
‘H t7} éx 8vo dvopdtov pijxsl ovupsroog xel

5 avty éx 0¥o dvoudrov Zatl xel vi vdker 7
vt

"Ectw éx 0vo dvoudtov 1) AB, xal tvij AB wixe
evppsrgog fotw N I'd" Aéyw, 6ve ) I'd éx dvo dvo-
pdrav dotl xal i) taker ) avry v AB.

10 ’Emel yag éx 8vo dvopdrwv éotlv 3 AB, dipericde
&lg ta Svdpere xove 1o E, xal éovw peifov Svopa to
AE' of AE, EB dga §yral sl dvvipss pdvov ovp-
petgol. yepovérm wg v AB meds iy I'd, otrag %
AE mods vy I'Z' nal Aowwy) dga 7§ EB mpog Aowwnv

16 oy Zd Zdonwv, og 7 AB meds iy I'd. oVpuergog
0t n AB tfj I'd wijxer ovppsrgog doa éotl xal 4 ptv
AE vj; TZ, 7 0t EB tf) ZAd. nal slov ¢yral of AE,
EB* ¢nrel oo slol xal af I'Z, ZA. xol [énel] domy
&g 9 AE mgog I'Z, %y EB mgos ZA. &vaddat don

20 dotlv ag ) AE meog EB, v I'Z ngog ZA. of 0%
AE, EB dvvaps pévov [elel] ocvpuergor” xal of I'Z,
Z 4 &ga dvvaue povov elel evupctpor. xel elor gyal’
éx 0vo &go Svoudrov fetiv v I'd.

Aéye 01, 6vo Tjj viter dovlv 1 avvy vij AB.

o &3s dsikon] comp. P, om. BFVb. 5. dgtév P.
.2B. 7.9 — 8. dvopdrov] mg. m. 2 B.  11. dvopa]
om. V. 14. I'Z] mut. in BZ b.  xel] in ras. V, 15.
Z4)] 4Z FV. 1"41 corr. ex E4 F. ovuusteos — 16.
prixe:] m. 2 B. 16. éot{] om. b, m. 2 B. 17. Z4] corr.
ex 42 V. of AE, EBl mg. m. 2 V. 18. eloly B. ~ énmsl]
om. P, 19. med¢ I'Z — 20. AE] mg. m. 2 B. 19. ty I'Z
BY. TI'Z — mgo¢] supra scr. . iy Z4 V.  &ea] om. F.

1. ome
2
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Ergo 4H ex duobus nominibus sexta est [deff.
alt. 6]; quod erat demonstrandum.

LXVL

Recta rectae ex duobus nominibus longitudine com-
mensurabilis et ipsa ex duobus nominibus est et ordine
eadem.

Sit 4B ex duobus nominibus, et I'4 rectae 4B
4 E B longitudine commensura-
’ : ‘ bilis sit. dico, I'd ex
4 duobus nominibus esse et

r /2
ordine eandem ac 4B.

nam quoniam 4B ex duobus nominibus est, in E
in nomina diuvidatur, et maius nomen sit 4E. itaque
AE, EB rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. fiat [V, 12] 4B: I'4= A E:T'Z.
itaque etiam EB:Z 4= A4B:I'4 [V, 16;V, 19 coroll.].
nerum 4B, I'4 longitudine commensurabiles sunt.
itaque etiam AE, I'Z et EB, Z4 longitudine com-
mensurabiles sunt [prop. XI]. et 4E, EB rationales
sunt. itaque etiam I'Z, Z4 rationales sunt. est
autem AE:I'Z =EB:Z.4 [V, 11]. itaque permu-
tando [V, 16] AE:EB=TIZ:Z 4. uerum AE, EB
potentia tantum commensurabiles sunt. itaque etiam
I'Z, ZA4 potentia tantum commensurabiles sunt [prop.
XT). et sunt rationales. ergo I'4 ex duobus nomi-
nibus est [prop. XXXVI].

iam dico, eam ordine eandem esse ac 4B.

20. ovtawg 5 I'Z V. 21. #lo(] om. P, 28. I'd] 4 in
ms. V. 24, 8] om. V.  &m) om xel BFV,

Fa
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‘H yag AE vijg EB psifov dvvarar ror t6 dmd
ovppéroov éavri) 1 T ¢md devuuiroov. & iy odvv
1 AE tig EB petfov dvvarar 1 amd ovuuérgov
favrf, nal ) I'Z tijg ZA psifov dvwjoerar td amod
ovuuéteov fovri. xal & uiw ovpueredg dotiv § AE
vij énnepdvy Onril, nel § I'Z ovpuergog atef Eotac,
xol O Tovro éxetépa v AB, I'd éx dvo dvoudrov
éotl modity, tovréor. i tdfe § avry. & 0t § EB
ovupctds éote tf dxxapdvy Gnri, xel § ZA odu-
pergds foriv avtf, xai dix tovro mdidw vij tefe 3
avri) éorar vij AB éxarépa phg avrev Earar éx dvo
ovoudrov dsurdpe. & 0% ovdsrépe tov AE, EB ovu-
pergog dore vf) éxneuévy i, ovdevéon vév I'Z, Z A
ovpuergog avtf Eatow, xal doviv ixarépw telry. &l 0%
7 AE viig EB petfov dvwarar t¢ amd dovuufroov
éovrfj, xal ) T'Z tijg ZA peitov ddvarar T dnd dovu-
uéroov favrf). xal & utv 1 AE evupcreds dori i
éxxeepdvy furgj, xal ) I'Z edpustods éotiv adri), xar
dotiv énavépa vevagry., & 0t n EB, xal ) ZAd, xal
éoton énoréoa mwéumry. & Ot ovderépe tdv AE, EB,
xol tov I'Z, Z4 oddevégpe ovpuerods ove tyj dunei-
pévy oy, wel éaver Exarépa Exey.

‘Qore ) T} éx dvo Svoudrov wixe GUpusrgog éx

1. AE] corr. ex 4B m. 2 F. zig] corr. ex zfj m. 2 F.

2. dovpuitgov] corr. ex ovppéreov m. 2 B. &l] corr. ex
n V. 8. zig] corr. ex zj m. 2 F.  dovuufreov b, &- supra
add. m. 2 F. 4. tﬁg;l corr. ex zjj m, 2 V, 4Z V.  8v-
vionron b, b. dovpuéreov Fb. 7. I'd] postea add. F, dein
del. BT 8. &] postea ins. F. 9. 4Z Fb, 10. Post
dotiv del. 7 m. 1 P.  zovro] corr. ex zot m. 2 F.  11. foreu]
(alt.) doze b, om. V. 12, dors devrége V. & F. 13, 0dd%
ovdstéoe BF, 14, woltn] dnrj b. el 6% %) 5 dé b. 15,
7ijg] corr. ex rij m. 2 F. ovuuéreov BF, sed corr. 16. Z4]
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‘H yap AE vijg EB psifov dvvarar ijror ¢ &mwod
ovpuéreov éavrij 1 T ¢md dovppireov. & ulv ovv
n AE vg EB petfov dvverar t amd ovuuérgov
éovri], xal 7 I'Z vijg ZA petfov dvvijoetar T axo
ovupérgov fovri). xal &l uiw evupetedg dotww 1 AE
v éenepdvy Gnyrij, xal v I'Z ovuusrgog avrf fova,
xol e Tovro éxavége vov AB, I'd éx dvo dvoudrav
éotl mooity, Tovréor. v tdfe 7 avry. & 0 y EB
oVpusteds dor Tf énxapévny Oqrh, xal % ZA odu-
uereds dotww avrij, xal dux Tovvo maAiv vf take 9§
oty éovow vi] AB éxavépe pag atrov Zover éx 0vo
dvopdray dsurége. & 0% ovdsréon tov AE, EB vy~
uergds fove tf) éxxsiudvy $nryl, ovdevépa vy I'Z, Z A4
olupergog avry Eotou, xel doviv Exavépw veln. & OF
W AE v EB upsifov dvwarar ¢ amd acvpuirgov
dovrdj, xal m I'Z tijc Zd psitov ddvarar T dmd aovu-
uéroov favrf). xel & uiv ) AE olupergds fovi T
Sxxerpévy furrl, xal n I'Z ovuuerods éotv adrf), xou
dovriv énavégo vevdgry. & 0% 7 EB, xal ) Z A, xal
dotar énavége mwéumry. &l Ot ovderdon tév AE, EB,
xol vov I'Z, ZA oddsvépa ovupctelds éote vff éxxsi-
pévy gnryy, wel éover Exarépa Exey.

‘Qove 9 T éx dvo dvopdrov wixs GUupergog éx

1. AE] corr. ex 4B m. 2 F. ziis] corr. ex ¢fj m. 2 F,

2. c¢ovppirgov] corr. ex cvupéreov m. 2 B. €] corr. ex
7 V. 8. 1ig] corr. ex fj m, 2 F.  dovupéroov b, &- supra
add. m. 2 F. 4, tﬁg;l corr. ex 7jj m. 2 V, 4Z V.  dv-
wionroe b. 6. eovpuérgov Fb. 7. I'd] postea add. F, dein
del. BI. 8. &/] postea ins. F. 9. 4Z Fb, 10. Post
dotiv del. 7 m. 1 P.  zovro] corr. ex vob m. 2 F. 11, #orau)
(alt) Zoze b, om. V. 12, dote devréga V. &' F. 13, ovd}
ovdsvéoe BF. 14, volrn] dnrj b. el 0% ] 5 8é b. 15,
ziis] corr. ex vjj m. 2 F. ovuuéroov BF, sed corr. 16. Z 4]
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nam A4E? excedit EB? aut quadrato rectae sibi
commensurabilis aut incommensurabilis. iam si 4E?
excedit EB? quadrato rectae sibi commensurabilis,
etiam I'Z? excedet Z 4® quadrato rectae sibi commen-
surabilis [prop. XIV]. et sine A4 E rationali propositae
commensurabilis est, etiam I'Z ei commensurabilis
erit [prop. XII]; quare utraque 4B, I'd ex duobus
nominibus prima est [deff. alt. 1], hoc est ordine
eadem. siue EB rationali propositae commensura-
bilis est, etiam Z 4 ei commensurabilis est [prop. X1I];
quare rursus ordine eadem erit ac 4B; nam utraque
earum ex duobus nominibus secunda erit [deff. alt. 2].
giue neutra rectarum AE, EB rationali propositae
commensurabilis est, neutra rectarum I'Z, Z 4 ei com-
mensurabilis est [prop. XIII], et utraque tertia est
[deff. alt. 3]. sin 4 E? excedit EB? quadrato rectae
sibi incommensurabilis, etiam I'Z? excedit Z4* qua-
drato rectae sibi incommensurabilis [prop. XIV]. et
siue AE rationali propositae commensurabilis est,
etiam I'Z ei commensurabilis est [prop. XII], et utraque
quarta est [deff. alt. 4]. siue EB, etiam Z 4 commen-
surabilis est, et utraque quinta est [deff. alt. 5]. siue
neutra rectarum AE, EB, etiam neutra rectarum I'Z,
Z 4 rectae rationali propositae commensurabilis est,
et utraque sexta est [deff. alt. 6].

Quare recta rectae ex duobus nominibus longitu-

4Z F, dvwjcetar Theon (BFVD). ovppérgov BF, sed
corr. 17. dom — 18. §nry] e corr. F. 19. éoruy] supra
scr. m. 1 P, forew FVD, 7] (prius) m. 2 P. nal forae
fxaréee wépmrn] mg. m. 1 P.
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0vo ovoudtow forl xal T vaks 1§ avvy’ Omeg £0e
detor.
&

‘H tfj éx 0vo péowv pijxes ovppcroog xal
5 avty éx 0vo péomv farl xal vf rdEer 1) avry].
"Eete éx dvo uéowv 4 AB, xal tfj AB ovpuergog
éotw pixer 3 I'd: Adym, 8vu 1) I'd éx dvo péomy éorl
xol v vaker 1 avey v AB.
’Enel yao éx 0vo uéewv dotlv 9 AB, duperede .
10 &lg zag wéoag xare 10 E° of AE, EB dpa péoar &6l
dvvduer udvov evVpuergor. xal yeyovérm wg 7. AB
noos I'd, 7§ AE modg I'Z° xal Aowmy dga 77 EB
neds Aoy v ZAd éovw, wg 7 AB mgos I'4.
cVuuctgog 0 § AB 5] I'd wijxer: 6vupergos &oo
16 %l éxorége tvév AE, EB éxavéoq tév I'Z, Z A,
péeor 0t of AE, EB* péeor doo nal af I'Z, Z A. xel
énel dovwv g  AE mgog EB, yy I'Z meds ZAd, of
0! AE, EB dvvdus uovov cvuusteol &low, xal af
I'Z, Z 4 [&pa] dvvdues udvov cvpustool elow, E0ely-
20 dnoav 0t xal uédar m I'd dpo éx 0vVo udowv éotiv.
Aéye 01, Otv xal i vaker 1) avri fovu tf) AB.
’Enel pdg dovwv &g 17 AE mgdg EB, § I'Z mgog
Z4, xel ag dea T amd viig AE meds 10 UWO TV
AEB, ottwg 6 axd tiig I'Z meodg 10 vwd rév I'Z 4"
26 évadiet og 0 amd tijg AE mpog 7o amd vig I'Z,
N 1. 3o 200 deifae] om. BFVDb. 8. £'] ¢'inras. F. 4.
] m. 2 B.  xal evri}] om. Theon (BFVD). . 4 T4
wines V. 8. AB] B4 P. 9. duponuévn Theon (BFVD).
10. elg] & V. AE] EAP.  eloty P, 12 . wiw I'a V.
tpw I'ZV, 18, Zd)inras. V, dZB. wiwy I'd V. 14,
&uégustqoc 8¢ b, sed corr. 15, xal % piv AE v I'Z (ZT' F),

7 8¢ EB tjj Z4d (corr. ex 4Z V) Theon (BFVb). 16. péoar
3¢] xal slov péoar Theon (BFVD). xelal]l zelb. 17. 4E]
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dine commensurabilis ex duobus nominibus est et
ordine eadem; quod erat demonstrandum.

LXVIL

Recta rectae ex duabus mediis longitudine com-
mensurabilis et ipsa ex duabus mediis est et ordine
eadem.

Sit 4B ex duabus mediis, et rectae 4B longitu-
dine commensurabilis sit I'4. dico, I'4 ex duabus
mediis esse et ordine eandem ac 4B.

4 E B nam quoniam 4B ex duabus mediis est,
:__1:—‘ in E in medias diuidatur. 4E, EB igitur

' Z 4 mediae sunt potentia tantwm commensura-
biles. et fiat 4B: I’'d = AE:I'Z [VI, 12]. itaque
etiam [V, 19 coroll; V, 16] EB:Z4 = A4B:I'4.
werum AB, I'd lougitudine commensurabiles sunt;
itaque etiam utraque AE, EB utrique I'Z, Z4 com-
mensurabilis est [prop. XI]. uerum AE, EB mediae
sunt. itaque etiam I'Z, Z 4 mediae sunt [prop. XXIII].
et quoniam est 4E:EB=IZ:Zd, et AE, EB po-
tentia tantum commensurabiles sunt, etiam I'Z, Z4
potentia tantum commensurabiles sunt [prop. XI].
demonstrauimus autem, easdem medias esse. ergo I'd
ex duabus mediis est.

iam dico, etiam ordine eam eandem esse ac A4 B.

nam quoniam est AE:EB=TIZ:Z 4, erit etiam
[prop. XXIlemma] 4 E*: AE><X EB=TI2%:T'Z><Zd.

ABB. wmwEBV. tpwZd V. 18. elel oduueroor BFVD.

19, &oe) om. P, elol ovpperoor BFVh. 20. AT'F.  dotd
BVb, comp. F. 22. gy EB BV. ovtwg 9 F. rz
raF. 28wy 2d4V,ZAF. 24.IZ)ZI'F. Iz4
supra scr. Z m. 2 V. 25 wg] dee wg F.
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obtwg 70 vwo tdv AEB meds 16 Umo rav I'Zd.
ovppergov 0t 6 and tvijs AE vé dnd vijg I'Z* ovpu-
pergov doa xel to vmo vdv AEB tg vmd vov I'Z 4.
elre ovw §nrdv dove 10 Ymd v AEB, xal o Umo
v I'ZA4 $qedy éomv [xal Ou Todrd oty éx dvo
péowv mowry). &lre uidov, uéoov, xal deviv éxarépa
devtéoe.

Kol due rovro fovar 1 I'Ad zjj AB vf vdte 7
avT Omeg Edee Oeifo.

En'.

‘H 1ij peltove ovupergog xal adry pelfov
éoxiv. ‘

"Eorw pellov 1 AB, xul vfj AB evuustpog fotm
% I'd: Adyw, 8vs 9 I'd pelfov dotiv.

Adugoiiede 7 AB xate 160 E° of AE, EB &g
dvvdus eloly devuueTooL molotoar 1O utv Svyxslusvoy
é TV an’ evTedv TETQaydveY $nrdy, 16 8 On’ avrev
uéeov* xal yeyovérm e avra voig meoregov. xal émel
dotww og 7 AB medg vy I'd, otrag 7 v¢ AE medg
v I'Z xal 7 EB meds v ZAd, xal &g bge § AE
npdg iy I'Z, obrwg 7 EB medg tyv Z 4. ovupsrgog
02 9 AB tf) I'd" odppergog Goo xol éxavépe tov
AE, EB éxatépa tov I'Z, Z 4. xol énel doviv ag 3
AE mog v I'Z, oVrwg n EB meog v 2.4, xol
évaiiot &g vy AE ngog EB, otrwg 1) I'Z meds Z 4,
nol ovvdévr dou éotly ag 9 AB meog vy BE, otrwg

1.I'Z4] 4 inras. m. 1 by T'AZ P, yo. ’'Z4 mg. m, 1.

2. 8¢] corr. ex dea m. 2 F, 16 — 8. &’oa]mgmilF 4,
fotv B. 6. forar BFb.  xal — 6. medry] om. P, b. forev]
comp. post ras. 1 htt F é’crm V. 6. &lte pécoy to vx0 THO¥
AEB, pécov xel z6 vno tév I'Zd Theon (BFVb) 8. forai]
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permutando[V,16]erit AE*: I'Z? == AE><X EB:I'Z><ZA.
verum AE% I'Z® commensurabilia sunt. itaque etiam
AE >< EB, I'Z >< Z4 commensurabilia sunt [prop.
XI). itaque sine 4 E >< EB rationale est, etiam
I'Z >< Z 4 rationale est; siue medium, medium est
[prop. XXIII coroll.], et utraque secunda est [prop.
XXX VII—XXXVIII].

Ea de causa I'd ordine eadem erit ac 4B; quod
erat demonstrandum.

LXVIIL

Recta maiori commensurabilis et ipsa maior erit.
Sit 4B maior, et rectae 4B commensurabilis sit
I'd. dico, I'4 maiorem esse,
diuidatur 4B in E. itaque 4E, EB potentia in-
commensurabiles sunt efficientes summam quadratorum
rationalem, rectangulum autem medium [prop. XXXIX],
4. _r ¢t fiant eadem, quae antea. et quoniam est
| I AB:T'A— AE:TZ ot AB:T'4 —EB:Z4
l 7 [efr.p.204,11sq.], erit etiam AE:"Z=EB:Z A4
[V, 11}. uverum 4B, I'd commensurabiles
sunt. quare etiam utraque 4E, EB utrique
I'Z, ZA4 commensurabilis est [prop. XI]. et

om. Vb. =xel 9y BFVb. TI'g] Adb. 9. 3nmee 8sr deikou]
comp. P, om. BFVb., 10, £7'] & seq. ras. 1 Litt. F. 11,
peltove] o eras. b. 14, 6w xal BFb.  I'A] 4 post ras. 1
litt. b."  dot{ PV, comp. Fb; éotl xal B. 15. 4E] corr. ex
ABF. EB] m.rec. P. doe]l m.2F.  17. 8’] 8¢ F.
o1’ avrov] corr. ex vmo tov m. 1 P. 18, xal ysyovétm
yeyovitm yig P.  19. z¢] om. F, 20. EB] BE' F. iy
om. P, xal dg doa] fomv oo xal dginras. V. 7§ 4E— 21,
Zd]inms V. 91.TZ]EBYV. EB)TZYV. ziv]om.
Bb. 22. 4B] corr. ex EB m. 2 F. 24, vj»] (alt) om. P.
26. tjy EBV. v Za V.
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n I'd moog v AZ* xal g dga 10 amo tijs AB
mgog 70 dmo tiig BE, oVrwg o and s I'd meodg o
and wijg AZ. Opolwg 0% delfopsv, ove xal @g TO ano
vijg AB mgds ©6 dmo tig AE, otrewg 10 and vijs I'd
moog 76 and vijg I'Z. xel dg dge ©d amd vig AB
weog ta amd tév AE, EB, otrwg 0 and tijs I'd
noog 16 and vév I'Z, ZA* xol dvaddek doa Eovlv
wg 70 amo g AB mds 6 amd vijs I'd, otrwg e
and 1ov AE, EB meog 1 and tov I'Z, Z4. ovp-
uetgov 0t 6 dmd vijg AB 1t and vijg I'd" ovpucton
doa xal to awd tov AE, EB volg ano tév I'Z, 2 4.
xel dove 1o and vov AE, EB dpa $nrov, el vé and

"tédv I'Z, Z4 dpe ¢qrov devy. Opolmg 0% xal 76 Oig

15

20

25

ino vdv AE, EB ovupetody éori 16 dlg vmod TV
T'Z, Z4. xoi éori péoov ©o dlg vmé vév AE, EB:
uéooy dga xel vo Olg vwo tov I'Z, ZA. al T'Z, Z4
dga dvvdpsr acvpusteol &lor morovoar TO utv Guyxsl-
pevoy & tov dn’ adrdy Tergaymvev Gue $nrdv, To
0% dlg v%’ avvdy pédov: 8Ay dea 7 I'd &ioyds éorwy
7 xedovudvy uelfov.

‘H g 4] pelfove evuuergog pelfov forviv: Gmep
&0e Ositou.

9.

‘H tfj ¢nrov xal péoov Svvauévy 6Vpueroos

[#al avT] dntov xal uéoov Svvaudvy éotiv.

1. vy AZ) 4B mut. in 4Z m. rec. P; wp Z4 FV. 8.
AZ) Z4 F. 4. 70 dno vijs I'd meés] m.rec.P. 5. 7d] (alt)
e corr. V. 6. za] 76 Fb, et B, corr. m. 2. 7. 7d] z¢ PFb,
et B, sed corr. rzl ra¥. 8. z¢] 16 F, et B, sed corr.

9. v¢] ¢ F, et B, sed corr. I'Z) EZ b, et F, sed. corr.;
Iinras. B.  11. 4E] 4 e corr. b. TI'Z] EZ b, et F, sed
corr. 12, z¢] w6 F. ~ zd] 76 PF. 13, forac V. 15, »el
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quoniam est A E:I'Z=EB:Z 4 et permutando [V, 16]

AE:EB=TZ:Z 4, etiam componendo erit [V, 18]

AB:BE=I'Ad:A4Z. quare etiam 4 B*: BE:=T"A4*: 47

[VI, 20]. iam similiter demonstrabimus, esse etiam
AB*: AE* =TA4*:T'Z?

quare etiam AB :AE: 4 EB'=TA:T'Z® + Z 4°

permutando igitur [V, 16]

AB: T4 = AE* 4 EB?:I'Z2® + Z 4%
uverum A B* I'4* commensurabilia sunt. itaque etiam
AE? 4+ EB?® et I'Z® 4 Z 4% commensurabilia sunt
[prop. XI]. et 4E® 4 EB? rationale est, et!) I'Z?
4 Z 4% rationale. eodem modo etiam 2 4 E >< EB
et 2I'Z>< Z 4 commensurabilia sunt. et 2 4E>< EB
medium est. itaque etiam 2I'Z >< Z4 medium est
[prop. XXIII coroll.]. itaque I'Z, Z A4 potentia incom-
mensurabiles sunt [prop. XIII; cfr. p. 206, 15 et 22] effi-
cientes summam quadratorum rationalem, rectangulum
autem medium. itaque tota I'A irrationalis est maior,
quae uocatur [prop. XXXIX].

Ergo recta maiori commensurabilis maior est; quod
erat demonstrandum.

LXIX.

Recta rectae spatio rationali et medio aequali qua-
dratae commensurabilis ipsa spatio rationali et medio
quadrata aequalis est.

1) Post Z4 lin. 13 Augustus non male addidit &ee.

dote pégov] péoov 0 V.  16. I'Z] supra add. E b,  I'Z]
T inras. m. 2 P, supra scr. Eb. 17. eloly agvppsrgor BFVY,

eloww P. 19. 7 oln Vb,  21. omeg et 6si'§ou] comp. P,
om. BFVb. 24. §5rév] -ov inras. B. 26, nal avrsf] om. P,

Euclides, edd. Heiberg c{ Menge. III. 14
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"Eoteo ¢nrov xal uéoov dvveuévy 7 AB, xal th
AB edpusrgog éotw 1 I'4" deunvéov, Sve xal n I'd
¢nTov nel pégov dvveusvy éotiv.
dugjodm 5 AB elg tag evdelag xare vo E of
5 AE, EB &ga Ovvaps elolv aevupcrgor motoboae To
utv Guyrslusvov éx Tév an’ adrtadv tergay ‘vov uicov,
76 & U adrdv fnrov' xel T avre xavsensvicHe
roig medregov. Omolmg 0% Oelbopev, ot xal of I'Z,
Z 4 dvvdper sloly aoUvpueTooL, Xl GUMEETQOV TO piv
10 ovpxeiuevoy éx tiv ano tov AE, EB t¢ ovyxaudve
éx tov and tév I'Z, Zd, ©6 0t vno AE, EB v vmd
I'Z, Z4" cove xal 1o [pdv] ovyxelusvov éx tov dmod
tov I'Z, Z 4 vevpaydvov éotl uédov, 1o & vmd tov
I'Z, Zd4 ¢yrov.
16 ‘Pyrov dea xal uéeov Svvaudvy doviv §y I'd" dmeg
s Ositou,

’

o’

‘H ©fj dvo péoa dvvapévy cvpupergog dvo
uéea dvvaudvy 6T iv.

20 “Eoro 0¥o uéew Ovvauévy v AB, xel v AB
ovpusrgog 4 I'd* daxvéov, ow xel 9§ I'd dvo péen
dvvaudvy éotiv.

'Ensl pep Ovo upéoa Suvvepévy derlv ) AB, dug-
010dw &ls tag evdelag xara ©0 E° of AE, EB doa

26 Ovvdpe eloly aevuueroor moovowL TGO TE GUYRElUEVOY

1. xal 7j 4B] supra scr. m. 1 F. 2. deenréor] Aéyo V.
3. éc { B, comp. Fb. 7. 8¢ F. xaraorsvecdo b. 8.
afl q V 11. 0" P.  zdv AE V. 12 zév I'Z (corr. ex

T'H) V. pév] om. P, 18. terpeywvoy P. 8¢ F. 15.

Omeq #8s Jsikan] comp. P, om. BFVb. 17. o] seq. ras. 1

litt. F. 18, ot adTy 8v0 V. 21. 7] é'o'tm n V. dsmteov]

léyo V. 07 6m B. 24, nata 10 E elg tag svdslag V. &9
Belagl m. 2 B.
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Sit 4B spatio rationali et medio aequalis quadrata,
et rectae 4B commensurabilis sit I'4. demonstrandum,
etiam I'd spatio rationali et medio aequalem esse
quadratam.

-4 T diuidatur 4B in rectas in E; itaque A4E,
EB potentia incommensurabiles sunt effi-
l, cientes summam quadratorum mediam, rect-

E ‘ angulum autem rationale [prop. XL]; et com-
] 4  vparentur eadem, quae antea. iam similiter
-B demonstrabimus, I'Z, Z4 potentia incommen-

surabiles esse et AE®-- EB? I'Z%? 4 Z 4* commen-
surabilia et 4 E>< EB, I'Z ><X Z A commensurabilia.
quare etiam I'Z? 4 Z 4% medium est, I'Z >< Z 4 autem
rationale.

Ergo I'd spatio rationali et medio aequalis est
quadrata; quod erat demonstrandum.

LXX.

Recta rectae duobus spatiis mediis aequali quadratae
commensurabilis ipsa duobus spatiis mediis quadrata
est aequalis.

Sit 4B duobus spatiis mediis aequalis quadrata,
et rectae 4B commensurabilis I'd. demonstrandum,
etiam I'4 duobus spatiis mediis aequalem esse qua-
dratam.
7T nam quoniam A B duobus spatiis mediis

aequalis est quadrata, in E in rectas diuidatur.
i1, itaque 4E, EB potentia incommensurabiles
TE ‘ sunt efficientes summam quadratorum mediam
l ~4  etrectangulum medium et praeterea 4E* 4 EB2,
AE>< EB incommensurabilia [prop. XLI];

11*
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é tov an’ alrdv [revpaydvev] péoov xel to Un’
avrdy wiéoov xal Fre aovpustgov Td ovpxelucvov éx
tév and 1ov AE, EB teroapdvov 6 imd tév AE,
EB-* xol xoreoxevdodo te avta tolg mwedtegov. duolmg
07 Oeltousv, 0ve %ol af I'Z, Z A dvvdus &lolv aovu-
ueTQoL %ol CVpUETeoy To uiv duyxelusvov éx Tov dmd
tov AE, EB ¢ ovyxauéveo éx tév and rov I'Z,
Z4, td 8t vmd vy AE, EB v¢ vmd vév I'Z, Z A4
@0t nol 1O Cvyxelusvov éx tov amd vov I'Z, ZA4
rergaydvay uéoov gotl xal 1o vmd vév I'Z, ZA péoov
nol L AOVUESTQOV TO GUREIUEVOV é THYV AMWO ThV
I'Z, Z 4 tergaydvov v¢ vno tév I'Z, Z 4.

‘H éga I'd d¥o péoe Svvaudvy éotiv: Omep #e
dctbou. ,

ox .

‘Pyrod xal uéoov ovveideufvov réodagsg
&loyor plyvovrar 7vor éx 0vo lvopdrov 1 éx
d0v0 péomy modry 3 psltwv 4 ¢yrdv xal péoov
dvvaudvy. ‘ -

"Eore $qrov udv ©o AB, uleov 6% ©o I'd" iéym,
ot 1 10 A4 ywelov dvvapdvy fvor éx dvo dvopdrov
dotly 1 & OVo péowv mpary 1 pellov 1 dyrov xeal
uéaov dvvauév.

To ypag AB tov I'd fjvor ueitov éorwv 3 Aacoov.
dovw meovegov ueifov' xal éxxeladm $yryy 9 EZ, xal
negafefiiodn maga v EZ v AB loov vo EH
xAdzog ooty Ty E@ ©¢ 0t AT idov nege vy EZ

1. tergayovov] om. P, ¢2’] mut. in éx’m.2F, dax’b. 3.
AE] (prius) corr. ex ABm. 2 F. 5. I'Z] inras. m. 1 P. 8.
16 8¢] dorsnalzd P. 9. I'd,4ZP. 12, tq')g V. 18.I'd
doax B. I'd] 4 postea ins. V.  3meg &de Seifar] come. P, om.
RFVb. 15.0f, peras. F. 17, ylyvovtar] ylvovraw BFVD e,
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et comparentur eadem, quae antea. iam similiter de-
monstrabimus, I'Z, Z4 potentia incommensurabiles
esse, et AE® 4 EB?, I'Z® 4 Z4* commensurabilia,
et AE>< EB, I'Z><Zd commensurabilia, quare
etiam I'Z? + Z 4* medium est et I'Z >< Z 4 medium
et praeterea I'Z? -+ Z A4, I'Z>< Z A4 incommensu-
rabilia.

Ergo I'd duobus spatiis mediis aequalis est qua-~
drata; quod erat demonstrandum.

LXXI.

Spatiis rationali et medio compositis quattuor ir-
rationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata.

4 r E ® K Sit 4B rationale, I'd
1 ! autem medium. dico, rectam
| | spatio 4.4 aequalem qua-
| ‘ dratam aut ex duobus nomi-
; nibus esse aut ex duabus
Z H I mediis primam aut maiorem

B 4 aut spatio rationali et medio
aequalem quadratam.

est enim aut 4B >TI'4 aut 4B <I'4. sit prius
AB > TI'4d. et ponatur rationalis EZ, et rectae EZ
spatio 4B aequale adplicetur EH latitudinem efficiens
E®; spatio autem 4TI aequale rectae EZ adplicetur @I
latitudinem efficiens @ K. et quoniam 4 B rationale est

supra add.ym, 1, P. 7izo] corr. in 7 e m. rec. P, corr. ex 6
M V,exn FiqeeB. 219 m 2F. A44] 40 cor V.

fro] 4 V. 27. tj] corr. ex o m. 1 F. Post EZ add.
Theon: tovtéore iy @ H (BFVD).
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wogafefinodo 0 @I midvog mowovtv Ty OK. xal
énel gnrov dove o AB xal oty idov véy EH, ¢nrov
doa xel 10 EH. xal moga [$yryv] vy EZ magafé-
Binrer mhdrog morody Ty E@* 7 E@® dpo $nuy) dome
xal ovppctgog vff EZ unxe.. madwy, énel péeov éovi
10 I'd xol éotiv leov e @I, uéoov &ga Zotl xal
70 @I xol maga gyriy v EZ mogdnsiron midrog
mootw Ty @K ey doe éotiv  OK xal devuuergog
] EZ wixer. nal énmel uéoov dovl vo I'd, ¢yrov Ok
16 AB, dovpuctoov doa fovl ©0 AB 1 I'd: dore
xel vo EH dovppsrody éote 16 @I g 6t v6 EH
wedg 76 @I, oVrwg Zotly 7 EO mdg Ty OK* aciu-
uergog dga fotl xol § EO tfj @K pixe. xol slow
dugoregpar ¢nral of EO, OK ago ¢nral slor Svveust
udvov evupcrgor’ éx Ovo dga Svomarewv dovlv ) EK
dipenuévny xare ©( O. xal émel peiév ot 10 AB
rob I'd, loov o0t 70 utv AB vé EH, vo 8t I'd 16
OI, psttov doa xal 16 EH vob @I xal 1) EO doa
ueliov éotl tijg OK. #ror ov 5 E@ zijg OK ucitov
dvvaror v6 dmo Guuuéroov fovrfi wixsr 1 Té dmo
devpuérgov. dvvdodm medregov TG AmO Gupuérgov
favrij* xal oty 1) pslfov 3y OF ovpuergog ti drxes-
uévy oneqy v EZ+ 4 &ge EK éx 8vo dvoperav dorl
1. O©I] mut. in ®H F, I eras. V. 8. xa/] (prius) m.2 F,
$nvjy] om. P. 4, EO] (prius) O@E F.  {§nry dea dotly 4
E® Theon (BFVD). doiv P, 6, ©I] I in ras. F. 7.
@I] I in ras. F. Post mogaxsitar add. Theon: zovréer:
(v V) mjw @H (BFVD). 8. do] corr. ex f#orou F. 9.
EZ] Z postea ins. m. 1 V, 'd] eras. V. 11. EH] ZH
e corr. V. @11 corr. ex ®I' P, I in ras. F. 12. 1] I
in ras. F. 13. éoriy B. 16. EX] corr. ex E€® m. rec. b.
16. Post ® ras. 1 litt. B. pelfoy V, sed corr. 18. OI}

Iecorr. . xallm.2F. ©I]Iinras.F. 20. éavey prine
om. V. 21. dovuuéreov] svpuérem F, corr. m. 2; svpuéreov B,
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et 4B = EH, etiam EH rationale est. et rectae EZ
adplicatum est latitudinem efficiens E®. itaque E®
rationalis est et rectae EZ longitudine commensurabilis
[prop. XX]. rursus quoniam I'"4 medium est et I'4=@01,
etiam @I medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens @ K. itaque @K ra-
tionalis est et rectae EZ longitudine incommensurabilis
[prop. XXII). et quoniam I'4 medium est, 4B autem
rationale, 4B et I'4 incommensurabilia sunt. quare
etiam EH, ©I incommensurabilia sunt. uerum
EH:06I = E®:0K [VI, 1]. quare etiam E®, @K
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque E®,®K rationales sunt
potentia tantum commensurabiles. ergo EK ex duobus
nominibus est in @ diuisa [prop. XXXVI]. et quoniam
AB>TI'A4 et AB= EH, I'd=@0I, erit etiam EH> OI.
itaque etiam E® > @K [V, 14]. iam E®® excedit
@®K® quadrato rectae aut sibi commensurabilis aut
incommensurabilis. prius excedat quadrato rectae sibi
commensurabilis; et maior @E rationali propositae
EZ commensurabilis est. ergo EK ex duobus no-
minibus est prima [deff. alt. 1]. EZ autem rationalis
est. sin spatium recta rationali et recta ex duobus
nominibus prima comprehenditur, recta spatio aequalis
quadrata ex duobus nominibus est [prop. LIV]. itaque
recta spatio EI aequalis quadrata ex duobus nominibus
est; quare etiam recta spatio 4.4 aequalis quadrata
ex duobus nominibus est. iam uero E@® excedat ® K*
quadrato rectae sibi incommensurabilis; et maior E®

corr. m. 2. 22 édorww 7] dou B. E@F. 23 f]lm. 2P.
#x] supra ser. b.
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mowry. ¢y 0t § EZ° éov 0t ywelov mepiéynror vmo
énrijs xal vijg éx 8vo dvopdrev meaTns, N TO ywelov
dvvapévn éx dvo Svoudrwv éotlv. % dga to EI dvva-
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dnriig nal tiig éx Vo dvopdrwv Terderng, % TO ywelov
dvvaudvy GAopdg detiv 3 nedovudvy psltov. % dea To
EI ywelov dvvapévy psiov éovlyv: dovs xel 1 vo A4
Svvaudvy psifov fetiv.

‘AAda 8% Eotw Elaeoov tO AB tov I'd' xel 7o
EH dgo £ aoady é6ve vov @I dete xal ) E@ éAddcav
orl vijg OK. Fwou 8% % OK rvijg E@ usifov dvvetar
76 amd ovuufreov vty 1 TP dwé devuuirgov. Ov-
v&6Y0 meoregov TH Amd Gupuirgov Eavrij wixs xel
doriv 1) éhdeowy n EO ovpucrgos Tij fuxsiudvy $nrij
vij EZ winer ) dge EK éx 0¥o dvoudrov éotl dev-
téper. Gmry) 0t § EZ- éav 0% yoelov meguéymrar vmo
dnriis xel Thg éx 0¥0 ovopdrev devrépag, 1 TO ywelov
dvvaudvy & dvo péowv dovl mowry. 1 &ea vo EI
gwelov dvvaudvy éx 0vo uéewv éotl mowry' MeTe xatl
% 10 Ad Svvapdvy éx 0Vo uédwv éorl meary. dAde

2. §qrav V. 8. %] néxF. ol P. 4 &ea] corr.
ex wage m. 2 P. EI] Iin ras. F. 5. dvvapéwn] corr. ex
dévvauéyn V. 6. Ante 7 ras. 8 litt. F. ©K] corr. ex OZ
m 2F.  pelfoy b, svpuézgov B, sed corr. 1. dotuv]
407t supra scr. w, B; forw P. 7] (prius) om. B. 11, psiloy
V, sed corr. 12, EI] I in ras. F. 15. ©I] @K b et corr.

ex®I'F. E@d&eab. #lacsorb. 17, ovppéreov — dnd] mg.
m. 1 P.  ovppéreov] dovupérgov V, sed « eras.  dovupéroov]
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rationali propositae EZ longitudine commensurabilis
est. itaque EX ex duobus nominibus est quarta [deff.
alt. 4]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus quarta com-
prehenditur, recta spatio aequalis quadrata irrationalis
est maior, quae uocatur [prop. LVII]. itaque recta
spatio EI aequalis quadrata maior est. ergo etiam
recta spatio 44 aequalis quadrata maior est.

iam uero sit 4B < I'4. quare etiam EH < @I
itaque etiam E® < ®K [VI, 1; V, 14]. uerum ®K:3
excedit E@® quadrato rectae aut sibi commensurabilis
aut incommensurabilis. prius excedat quadrato rectae
sibi longitudine commensurabilis. et minor E® ra-
tionali propositae EZ longitudine commensurabilis est.
itaque EK ex duobus nominibus est secunda [deff.
alt. 2. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus secunda com-
prehenditur, recta spatio aequalis quadrata ex duabus

AT mediis est prima [prop. LV].
] itaque recta spatio EI aequalis
L 1 quadrata ex duabus mediis est
B 4 prima. ergo etiam recta spatio

E Z A aequalis quadrata ex duabus
&) .e . .

i H mediis prima est. iam uero @K?
X I

excedat @E® quadrato rectae
sibi incommensurabilis; et minor E@® rationali pro-
positae EZ commensurabilis est. itaque EK ex duobus
nominibus est quinta [deff. alt. 5]. EZ autem ratio-

avy.ystpov BV, sed corr. 19. 7] (prius) m, 2 F, om. B.  21.
d¢] (alt.) m. 2 'F. nmequézeten P 28. EIT I'inras. F. 24,
ywefov] om. V. 256. A4 gwoloy BFb.
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‘Pnrov dpe xel uégov evvtidsuivov réooagsg dAoyor
plyvovrow fjmor &% 0o dvopdrav 1 &x dvo uéewv modTy
7 uelfov 7 ¢nrov xel uéoov dvvepdvy’ Omsp Edst dsifoe.

off’.

dYo péeov advuuéroav adAifiog cvvride-
péveov af Aoemal dv0 &ioyor plyvovrar fitot éx
0v0 uéomv dsvrépa 4 [n] 0vo0 péoa dvvauévy.

Svyrelodao pag Vo uéoa aovuuston diijlowg Ta
AB, I'd" iéyw, ot % v0 AA ywelov Svvapévy froc
éx 0vo péowv Zovl devréga 1) Ovo péen dvveuév.

T yep AB vov I'd fjror usitdv dovwv 1 EAacdov.
forw, & vUyoi, modregov psitov 10 AB vov I'd" xel

1. @E] gupra scr. 7 b, O©H e corr F, E® V (E in ras.).
ovppéreov F, et B, sed corr. m. 2. 2. 7] (prius) om. B, 4.
éo‘r{]Fpostea ins. F, dorty P. 7. Gway vy — 8. ymelov] in
9. nrov — dvvapévny] mg. m, 2 B. 5 ¢ Pl b
10. avaloym P, sed corr. m. rec. 11, ylvovrar FVb. djzoe
7 V. 12. % érrro'u] m 2V omeg #0s1 deiton] comp. P,
om, BFVb. 13. oy’, sed corr. m. 2, F. 14, cvpyazqmv,
corr. m. 2, F. ovvreBéveay Theon (BFVb), svovTidEpivay
supra scr. 'm. 2 B. 15. Post dvo ras. 2 litt. V. ylvovear
Fb, et supra ser. y, V.  #x] % éx V. 16. %] deleo.  17.
ovyusla&‘” FV. zd]zb 18. AJ] corr. ex I'd m. 2 F.
19. ] 4 7 P. 21, &l zigot] om. Theon (BFVb).
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nalis est. sin spatium recta rationali et recta ex
duobus nominibus quinta comprehenditur, recta spatio
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est [prop. LVIII]. itaque recta spatio
ET aequalis quadrata recta spatio rationali et medio
aequalis quadrata est. quare etiam recta spatio 44
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est.

Ergo spatiis rationali et medio compositis quattuor
irrationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata; quod erat demon-
strandum.

LXXII.

Duobus mediis sibi incommensurabilibus compositis
reliquae duae irrationales oriuntur, aut recta ex duabus
mediis secunda aut duobus spatiis mediis aequalis
quadrata. )

Componantur enim duo media sibi incommensurabilia
AB, I'd. dico, rectam spatio 4 4 aequalem quadratam
aut ex duabus mediis' secundam esse aut duobus spatiis
mediis aequalem quadratam.

nam aut AB>I'A4 aut AB<I'4. sit uerbi gratia
prius 4B > I'4, et ponatur recta rationalis EZ, et

4 r spatio 4B aequale rectae EZ
adplicetur EH latitudinem effi-
ciens E@, spatio autem I'A ae-
B 4 quale @I latitudinem efficiens
Z OK. et quoniam utrumque 4 B,
I'4 medium est, etiam utrumque
EH, ®I medium est. et rectae

RO
H—::—
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20 el ijs & 0vo dvopdrwv TElrng, B 1O ywelov dvve-
uévy éx 0vo péewv forl devrége 1) dga vo EI, vovr-
dote o Ad, dvvapdvy éx 0Vo udowv éorl devrdpe.
dglie 05 % E@ tiic @K ueifor dvwdede tH dmo
dovuuérgov fovrf] wixer xol dovupsrgds fomy Exe-
26 vépa 1y E®, OK vjfj EZ wixer % doe EK éx dvo
dvopdrav dotly Exry. éav 0% ywelov meguéynrar VmO
onrijs xal wijg éx 0vo Svopdrov Exrng, % 1O ywelov

1. ng §nep F. wg) corr. ex 4 m, 2 P. 2 EH] EZb.

8. Post loov add. mage oy ®@H V, del. m. 2. 4. énel —
doa nal] om. b.  b. rév] corr. ex 6 m. 2 b. EH] supra
add. & b. OI] O, supra add. H, b. x«/jm 2F 6
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rationali EZ adplicata sunt latitudines efficientia E®,
O K. itaque utraque EO, ®K rationalis est et rectae
EZ longitudine incommensurabilis [prop. XXII]. et
quoniam 4 B, I'4 incommensurabilia sunt, et 4B— EH,
I'd4 = @I, etiam EH, ®I incommensurabilia sunt.
verum EH: @I =E6G: 0K [VI], 1]. itaque etiam
E®, 6K longitudine incommensurabiles sunt [prop.
XI]. quare E®, @K rationales sunt potentia tantum
commensurabiles. ergo EK ex duobus nominibus est
[prop. XXXVI]. uerum E®*® excedit ® K* quadrato
rectae aut sibi commensurabilis aut incommensurabilis.
prius excedat quadrato rectae longitudine commensura-
bilis. et neutra rectarum E®, @K rectae rationali propo-
sitae EZ longitudine commensurabilis est. itaque EK
ex duobus nominibus est tertia [deff. alt.3]. uerum EZ
rationalis est. sin spatium recta rationali et recta ex
duobus nominibus tertia comprehenditur, recta spatio
aequalis quadrata ex duabus mediis est secunda [prop.
LVI]. itaque recta spatio EI, hoc est, 44, aequalis
quadrata ex duabus mediis est secunda. iam uero
E®? excedat @ K*® quadrato rectae sibi incommensu-
rabilis; et utraque E®, @K rectae EZ longitudine
incommensurabilis est. itaque EX ex duobus nominibus
est sexta [deff. alt. 6]. sin spatium recta rationali et
recta ex duobus nominibus sexta comprehenditur, recta

mogansire P, wogdanewrar V.  mowodvre Vb, 7. OK doa V.

doiv P. 8. dedupergos P, corr. m. rec. domwv P.  AB]
supra add. H V. ouv] m. 2 F.  10. mweés] m. 2 F.  zd}
o F. 11, meog zjw V.. 12, elow P. 14. dovppéreov V,
sed corr. 15. ovppézeov BV, corr. m. 2. 16. aevppéreov
V, sed corr.; ¢- supra add. b m. 1. 17, douv P. 18, zoltn]
corr.Pex ¢nty m, rec. b. 25. tjj] corr. ex 7ijg B. éx] m.
rec.
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1. 7 8v0] d‘vo BV. dorexals] ndea V. 2 ABb. zo-
gfov]om. V.” 7] om. BFV. &d0] 8P, Jéom rec. péoag F.
3. opolws — 5. vaay.svn] om. P, 4, 16 A4 zmpwv] to
gweiov 6 Ad V 7] om. F.  b. fjror 8v0 péoe] 7 §neow
%ol p.soov B. % dvo F. 7. yivovtar PFVD. Fizoe 'q V.
8. #7479 V. Jvo]mrasmlP 9. oy’, v in ras.,, F.
«f] “supra scr. b. 11. éné ris F. 12. tj] corr. ex
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spatio aequalis quadrata recta est duobus spatiis mediis
aequalis quadrata {prop. LIX]. quare recta spatio 4.4
aequalis quadrata recta duobus spatiis mediis aequalis
quadrata est.

Ergo duobus spatiis mediis sibi incommensura-
bilibus compositis reliquae duae irrationales oriuntur,
aut recta ex duabus mediis secunda aut duobus spatiis
mediis aequalis quadrata.

Recta ex duobus nominibus et irrationales ab ea
deriuatae neque mediae neque inter se eaedem sunt.
nam quadratum mediae rectae rationali adplicatum
latitudinem efficit rationalem et rectae, cui adplicatum
est, longitudine incommensurabilem [prop. XXII]. qua-
dratum autem reectae ex duobus nominibus rationali
adplicatum latitudinem efficit rectam ex duobus no-
minibus primam [prop. LX]. quadratum autem rectae
ex duabus mediis primae rationali adplicatum latitu-
dinem efficit rectam ex duobus nominibus secundam
[prop. LXI]. quadratum autem rectae ex duabus mediis
secundae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus tertiam [prop. LXII]. quadratum
autem maioris rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quartam [prop. LXIII].
quadratum autem rectae spatio rationali et medio ae-
qualis quadratae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam [prop. LXIV],

wiv V. 7v] corr. ex v F. 13, 8¢] 8" P.  mapafeid-
uevov P, 15. 1o 8¢ — 19. tolepy] mg. m. 2 V. 16. mowsl’]
om. V. 17.8]& P. 19.06] & P. 21 8¢ & P. 23,
6] ecorr. V. 0¢] 8" P. 24. midrog] corr. ex wdros m. 1 P.



10

15

20

224 STOIXEIQN ¢.

& 0vo bvoudrov Exrq. o & elonuéva mhdry Oux-
@éger 1oV TE WPATOV A0l dAMiAwv, TOD piv moeiTov,
Ore o) donww, @AAjiov 04, Gt i vafs ovx eloly
af edral Gorexal evral af dloyor duepégovery aidfiav.

oy’

'Ecv énd gnris énty cpaigedf dvvaper
udvov eduperoos ovowa v 64y, § Aovwy &Aoyds
doTiv: nedeloBw 0t dmoropr).

"And yae Onvijs viis AB ¢nri agnefiebeo 7 BIT
duvvdpst povov ebppergog ovea tjj OAy Aéyw, Ot q
Aowmyy AT &Aoyds deriv 1 xedovuévy dmovour].

"Emsl yop aevuusteos éoviv v AB ) BI' wixe,
uel dotv dg § AB meog v BI, otrwg ©o dnd ijg
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rodyove, ¢ 08 vwd tédv AB, BI' edupstodv éore 1o
dls vmo tov AB, BI. xel émeadimep v amo tov
AB, BT loe é6ti t dlg vmwd vév AB, BI' pera vov
and I'd, xal Aowwg dge ¢ amd tijs AT devuusvod
éots ta amd tdv AB, BI. {nre 6% v dmo tov AB,

1, za &’] éxel oy td Theon (BFVb).  elonuéva] el- e

corr. V. 3. ¢j] om. F. 4. &ore] 8jjdor ag Theon (B Vb)

6. Seq. dsvrdoa tafis stagmv loywy (om. b) rév nera o ou-
eedty PBVb (uldetur fuisse in F, sed sust. reparatio); aeyn
tév xet’ doalgesiy éiadwy m. 2 B.  oy’] postea add. F (ab
initio haec prop. a pra.ecedentlbus dn‘emgt.a. non erat) q.
73] om. b, 7 lomn] lowmie F, ot BY, comp. Fb.

d0é] &1 B. 9. ¢nrng] Owreis F. Br']) I'BF. 11, Ui
nolovpévy] xaleloBo 0¢ V. 12. devpperqog] corr. ex &oo
o'vyustqoc m. rec. P, ex wpc&nqog m. 2 B. n 4B wj BT
dodppereds dore V. 13. wv] rag F. 14, acvyyuqov] -ov
e corr. V, corr. ex -og m. rec, P. 16. ovppsroe — Tév]
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quadratum autem rectae duobus spatiis mediis aequalis
quadratae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus sextam [prop. LXV]. latitudines
autem, quas significauimus, differunt et a prima et
inter se, a prima, quia ea rationalis est, inter se autem,
quia ordine non sunt eaedem. ergo etiam ipsae rectae
irrationales inter se differunt.

LXXIIL

Si a recta rationali rationalis aufertur potentia
tantum toti commensurabilis, reliqua irrationalis est,
uocetur autem apotome.

A rationali enim 4B rationalis auferatur BI" po-
tentia tantum toti commensurabilis. dico, reliquam
AT irrationalem esse apotomen, quae uocatur.

—_— nam quoniam 4B, BI' longi-

r B tudine incommensurabiles sunt, et

est AB:BI'= AB?: 4B >< BI" [prop. XXI lemma],

etiam A4 B? A4B>< BI incommensurabilia sunt [prop.

XI]. uerum AB® et 4B? 4 BI?® commensurabilia

sunt [prop. XV], et AB><BI, 2 AB>< BI' commen-
surabilia [prop. VI]. et quoniam est {II, 7]
AB* + BI'* =2 AB>< BI' + I' 4%,

etiam 4I'%, 4 B?-}- BI"? incommensurabilia sunt [prop.

XIII, XVI]. uerum A B% - BI™ rationale est. ergo

mg. m. 2 B. 17. ] 0 corr. ex ¢ m. 1 b. 6] @ b

18. BI'] e corr. V. nal émeidrmee to] e dea Theon
(BFVDb). 19. ioe] dovpperoe Theon (BFVb). uETe TOU
ono I'4] om. Theon (BFVb).  20. xef] in ras. V.  ody-
pezoa B, corr. m. 2.  21. Post BI" add. Theon: #mel xai za
ano tév AB, BI' iou devi te dlg vmo tév AB, BT ueta too
ané (vov add. V) r'4 (BFVb).

Euclides, edd. Heiberg et Menge, III. 15
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AT irrationalis est [def. 4]; uocetur autem apotome;
quod erat demonstrandum.

LXXIV.

Si a recta media aufertur media potentia tantum
commensurabilis toti, cum tota antem spatium rationale
comprehendens, reliqua irrationalis est; uocetur autem
prima apotome mediae.

A media enim 4B media auferatur BI potentia
tantum rectae 4B commensurabilis, cum 4B autem
spatium rationale comprehendens 4B >< BI' [prop.
XXVII]. dico, reliquam AT irrationalem esse, uocetur
autem prima apotome mediae.
+B nam quoniam AB, BI' mediae sunt, etiam
AB?, BI™ media sunt. uerum 2 4B >< BI ra-
tionale est. itaque 4B%* 4 BI™® et 2 4B>< BI"
incommensurabilia sunt. quare etiam 2 4B>< BI’
7T reliquo [efr. II, 7] AI” incommensurabile est,
quoniam, si totum alterutri incommensurabile est,
“4 etiam magnitudines ab initio sumptae incommen-
surabiles erunt [prop. XVI]. uerum 2 4B>< BT ra-
tionale est. quare A4I' irrationale est. ergo AI'
irrationalis est [def. 4]; uocetur autem prima apotome
mediae.

LXXYV.

Si a media media aufertur potentia tantum toti
commensurabilis, cum tota autem spatium medium

péon seq. ras. 1 litk. V, supra ser, ¢ F. 13, elo/ V, comp.
Fb.  édor/] m. 2 F. 14. Ante J¢ del. zé P. 15, oo
lotib. ¢ — 16. BI'l mg. m. 1 P.  17. dome] corr. ex
doa F.  zov] om. P. 21, 8¢é] o P. péon Fb. 22,
os’ F, sed corr. _
15*
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8Ang uéoov megiéygovaa, 1 Aoimy GAoydg éoviv
xedel6Bw 0% puéeng amoroun devréga.

‘And yag uéong tiic AB uéen agnerode u I'B
dvvdues udévov evpusrgog ovow tfj oAy vij AB, wste
0t tijg OAns g AB uéoov megiéigovea TO VIO TEY
AB, BI"* iéyw, 6ve  Aoumyy § AL dhopdg éotiv' xa-
AeloBw 0% péons amoroun devréga.

‘Exxeiofo yoo onvn n AI, xel tolg ulv and tév
AB, BI' loov mage vy AI nagafefiiodo ©0 AE
wiazog morovv oy A4H, v 0t dlg vmo tov AB, BT
lgov megpa vy AI magafefiiodo 16 46O mhdrog
movovy v AZ° Aouwdv dou t0 ZE ioov éori ve amo
viig A xol émel péoe xal 6Uvpuerod é6ti Ta dmo ToY
AB, BT, yéeov doo xal 10 AE. xal mega $nrqy vy
AT magdxeivar mAavog morovw ty AH- ¢y doo doriv
7 AH xol acvpuetgog o5 A1 pixer. moiw, émel uéoov
éoti 70 Ym0 vév AB, BI', xal 70 dlg dga Vmd ToW
AB, BI' péoov foriv. xal éotwv lgov vd 4O xai
0 40O doa uéoov deriv. nel mege Gyryy vy AI
negaféfinrar whdrog ooty Thy AZ* ¢y dga ovly
7 AZ xnl aovpuetgog vfj AT uijxer. xol émsl af AB,

1. meqiéyy Theon (BFb, meqiézec F). é6ts BV, comp.
Fb. 2. géon V, P (corr. m. rec.), F (supra scr. ¢ m. 2). 8.
péon] supra scr. m. 1 V. I'B] e corr. V. 5. 8% =ijg] ¢ P.

6. 6tv 7] Ot net V. éo6r. PBV, comp. b. 7. uéon P
(corr. m. rec.), F (corr. m. 2), e corr. V. 8, 4K b, et FV,
sed corr. 9. A4I] I in ras. B, 4K FVDb (in V corr.). JE]
E in ras. B. 10. 4H] corr. ex H4 m, 2 F. 11. 4K
FVb, sed corr.  Ante 46 del. JE mldros motodw iy JH
(corr. ex HA m. 2), 7 0t 8lg vmd tdv AB, BI' (supra scr.
m. 2) lsov mega Ty K (corr. ex AI) mugafefiiodm F.  12.
dZ) Zinyas. F. ZE] 20 F, dot/] om. F.  13. xal
odppetoe] om. Theon (BFVD). domww P. 14, zel] (alt.) postea

ins. m. 1 F. 16. 4I] 4K FVD, sed corr. TQARELTAL)
om. b. Ante JH del. ZF. 16. Post 4H del. Z . 41

N
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comprehendens, reliqua irrationalis est; uocetur autem
mediae apotome secunda.

A media enim 4B media auferatur I'B potentia
tantum toti 4B commensurabilis, cum tota autem 4B
medium comprehendens 4B >< BI' [prop. XXVIII].
dico, reliquam AI" irrationalem esse, uocetur autem
mediae apotome secunda.

ponatur enim rationalis A1, et quadratis 4B*-}- BI™
aequale rectae 41 adplicetur 4 E latitudinem efficiens

4 T B 4 H, spatio autem 2 4B >< BI

! ! ' aequale rectae AI adplicetur
A0 latitudinem efficiens 4Z.
itaque reliquum ZE = AI*
(II, 7]. et quoniam 4B% BI®
media sunt et commensura-
I ] E bilia, etiam 4 E medium est.”)
et rectae rationali 41 adplicatum est latitudinem ef-
ficiens 4 H. itaque 4 H rationalis est et rectae A1
longitudine incommensurabilis [prop. XXII]. rursus
quoniam 4B >< BI' medium est, etiam 2 4B >< BI'
medium est [prop. XXIII coroll.]. et est = 4@. itaque
etiam 4@ medium est. et rationali 41 adplicatum
est latitudinem efficiens 4Z. quare 4Z rationalis est
et rectae I longitudine incommensurabilis [prop.
XXII]. et quoniam 4B, BI' potentia tantum com-

4 Z H

1) Sequitur ex prop. XV et prop. XXIII coroll. ceterum
idem tacite usurpatur p. 226, 13 sq.

4K FVb, sed corr.  17. el 0 — 18, BI'] in ras. F, 18,
4gtiv] dor{ PBV, comp. b; cum proximis sustulit rep. in F.

19. éori PBV, comp. Fb. 4K FVb, sed corr.  20. maga-
uertoe F. 4H F, corr. m. 2. 21. 4H F. 4I) 4K b,
et V, sed corr.; corr. ¢ex 41 m. 2 F.
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BT dvvdpes udvov 6vuusrool &loiv, acvuusToog dpo
éotlv ) AB vij BI' wijner® acvuuergov &oe xel To
and tijg AB revodywvov té vmd tév AB, BI. dlia
T utv awd tiig AB obpperod fovi va dnd vdv AB,
BT, ©j 0% vmd vy AB, BI' ebuuctodv ore ©o dig
vmd tov AB, BI'* dovppergov &oo éeri 70 Odlg
vwo tov AB, BI' voig amwo wév AB, BI. [loov 6t
zoig uiv and tév AB, BI" ©0 AE, ©6 0% dig U= tov
AB, BT 10 40" aevuusrgov dpo [éotl] ©v0 AE 6
A40. dg 0t 10 AE mpog 10 A8, ovtwg § HA meos
iy AZ* dedpusrgos dou deviv § HA tjj AZ. xal
elow auporegan ¢nral of dga HA, AZ $yral slot
dvvdpe uévov evuuetgor’ 1 ZH dga amovous éorv.
onry Ok 5 AI' ©d 0% Umd Gyriig wel aAdyov megi-
eyousvov &hoydv fotwv, xal 3 Svveudvy adrd &Aopds
éoriv. el OYverar 16 ZE 1) A" % AT dpe dAoypdg
doriv’ nadeledo Ot péong amortouny devréga. OmeQ
&0e detkau.
os’.

'Eav and e0elag e0Psla dpaigedi dvvdust
dovupergog ovew tf GAy, pera O Tig Sins
moLoVGx T v axw avTdV dua §nTév, 16 & VX
aytav ufeov, 5 Aowmy &Aopdg é6Tiv: xedslodw
0t éidoom.

"And yag e0¥slug tijg AB e0dele apuofcdw 7 BI

1. BI') T'B F. dovpusteog] dvupsreog b, 2. nel
tj P. 8. zijg AB] om. b. 4. domv P.  B. zi] corr. ex
wom.1F, 6. dodpueroa doo éotl (om. V) ta ano tov 4B, BT
6 dlg 9mo zdv AB, BT Theon (BFVb). 7. vmd] - in ras. m.
1P. lsov —8 BI' mg. m. 2B. 8. 7z6] v6 F. 9. doz/]
om. BFVb. 11. Hd] dHP. dZ] corr.ex Za4 V. 12
elo] elow B.  13. douri BV, comp. Fb, 14. 4I] 4K FVb,
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mensurabiles sunt, 4B, BI' longitudine incommen-
surabiles sunt. itaque etiam A4 B%*, 4B><BI incom-
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum
AB?, AB:+ BI'* commensurabilia sunt [prop. XV]
et AB>< BT, 2 AB>< BI' commensurabilia [prop. VI].
itaque 2 4B>< BI" et 4 B®+ BI™ incommensurabilia
sunt [prop. XIII]. est autem AJE = AB? -+ BI®,
40 =2 AB >< BI. itaque 4E, 40 incommensura-
bilia sunt. wuwerum AE: 40 =HAd:4Z [VI, 1].
itaque HA, 4Z incommensurabiles sunt [prop. XI].
et utraque rationalis est. itaque HA, 4Z rationales
sunt potentia tantum commensurabiles. quare ZH
apotome est [prop. LXXIII]. uerum AT rationalis est.
spatium autem recta rationali et irrationali compre-
hensum irrationale est [prop. XX], et recta ei aequalis
quadrata irrationalis est. et A =ZE. ergo AT
irrationalis est [def. 4]; uocetur autem mediae apotome
secunda; quod erat demonstrandum.

LXXVIL

Si a recta aufertur recta potentia incommensura-
bilis toti et cum tota efficiens summam quadratorum
rationalem, rectangulum autem medinm, reliqua irratio-
nalis est; wocetur autem minor.

, A recta enim 4B recta au-
B feratur BI" potentia toti incom-

4 r

sed corr.  15. dore PV, comp. Fb.  dee adré Theon (BFVD).
16. dotiv] domt PBV, comp. Fb. 5 AI'] (alt) m. 2 F,
17. dore PBV, comp. Fb.  0¢] 0 éx F. ~ uéen P, et V,
corr. m. 2,  Omee #8sc dsifou] comp. P, om. BFVb. 22,
dé F. 28. 46t BV, comp. Fbh.
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dvvdust ¢evpueToog ovee Tij GAy molovow TE mQONE(-
peve. Adyw, Ote ) Aoumy 5 AT &Aoydg dotwv % xa-
Aovuévy éhdaewv.

"Enel yp to udv evyxelusvov éx 1év and tGv AB,
BT rergaydvov ¢nrév éotw, vo 8% dlg vmd vév A B,
BT yéeov, dovupsron dga éotl ve dmd tév AB, BI'
v Olg vmd 1év AB, BI" xal avecroépavri Aouwe
v and tijg AT aovpuergd éot ve amo tov AB, BT
gnra 0% o and rdv AB, BI* é&Aoyov dge to amd
tiig A &iopog dga © A" xadeiodm 0t éiaooowv.
Oneg &0z Ocibo.

of.

‘Eev dand evdelag s0fsla dpaipedr dvvduse
dovpucrgog ovoe tf OAp, pere 0% Tig SAng
WoLoTOa 10 uiv Guyxelusvov éx TGV AX aVTGV
reTgaydvov uédov, td 0k dig O’ adrdv dnrdv,
7 Aoumy dAoydg é6viv’ nadelodw O §) were §nrov
uéeov 6 Aoy morodoe.

‘Ano pag evdelag tiig AB svdela apnenedo  BI
dvvdus aovppergog ovoe tij AB mowovee te meoxel-
peve' Aéyw, Ovv n Aowmy n AT dioyds derwv 9 mgoet-
enucvn.

Emel yeg ©0 uiv evpxsiusvov éx TtV dmO TGV
AB, BI' zerpaydvav uésov éotiv, to 0t dlg vmd Tdv

1. odoe dovpusteos V. T meoxnslpeva] uerd THg OAng
tijs AB 70 _ovyxsiuevay éx téy dmo tév AB, BI' dua §nro,
zo 0% 8lg vmo woy AB, BI' dua péoov Theon (BF#b). 4.
pév] m. 2 V. 4B] Binras. m. 2 P. 6. BI'| I'BP.

retpoysvor] [J eras, V. fore PBV, comp. Fb. = 8% di5)
V. 6. tov] m. rec. P. AB] in ras. m. 1 P, 8.
dovppeted fori te and tiv AB, BI' (m. 2 F}ﬁtqﬁ dmo tig AT
(haec 4 uerba om. F) Theon (BFVb). 9. Mg. ye. dnrov &}
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mensurabilis et proposita efficiens [prop. XXXIII]. dico,
reliquam AT irrationalem esse minorem, quae uocatur.

nam quoniam 4B%-} BI"* rationale est, et 2 4B><BI"
medium, incommensurabilia sunt 4 B? - BI? et
2 AB >< BI'. et e contrario reliquo [II, 7] A4I'? in-
commensurabile est 4B% 4+ BI' [prop. XVI]. uerum
AB® -+ BI'® rationale est. itaque 4I'? irrationale est.
ergo AI irrationalis est [def. 4]; uocetur autem minor;
quod erat demonstrandum.

.LXXVIL

Si a recta aufertur recta potentia incommensura-
bilis toti, cum tota autem efficiens summam quadra-
torum mediam, duplum autem rectangulum rationale,
reliqua irrationalis est; uocetur autem recta cum
rationali totum medium efficiens.

A recta enim 4B auferatur recta BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXIV]. dico, reliquam AI" irrationalem esse, quam
significauimus.

nam quoniam A B? 4 BI'"® medium est, 2 4B>< BI

70 cvynelpsvoy Fb.  deo] dot P, 10. &loyog — AI'] om, P.

11. Omeg #a: deion].comp. P, om. BFVDh. 12, 011' .11,
{ovs PBYV, comp. Fb.” 4% %] 8¢ BFVb. Supra psre scr, dzé
comp. m. 1b. 19, 4B] corr. ex A’ m. 2 F.  20. aodp-
petgog ovea dvwdps: V.~ zjj 6ly ©j Theon (BFVb). &
mweonelueve] 10 ptv cvynsipevov éu vov dmd tov AB, BI' 1s-
roaydvay pécov, 1o Ok Olg vmo vév AB, BI' énrov Theon
(BFVDb), 21. dom BV, comp. F. 9 moostonuévn] nalelodo
(radeiton B) 8% %) (om. Vb) pzere ¢nrov wécov vo 8lov morovoa
Theon (BFVb). 24, 47/ PBV, comp. Fb.
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AB, BT ¢ytdv, aevuuetoe dgo éotl te dmwd twv AB,
BT ¢ dlg vmd tév AB, BI™ xol Aowmov dge ©d aml
tijc A devpuergdy dor. e dig vmo vdv AB, BI.
xal éove ©0 Olg vwo rov AB, BI' ¢nrdv’ o dow dmd
wiis AL &loydv Zoviv: &Aoyog doa éotlv ) AT xa-
Aela®o 0 n pera dnrov uécov 1o GAov morovow.
Omeg £der Osito.
oy’

'Edv &md e0delag evPsia dpaiged dvvdus:
acvppsrgog ovow T 6Ay, mere O wig GAng
woroDoe 1O T& Cuyxsiusvov €x TdY 4 avTOY
Tergayp@var wéeov 16 1e Olg U1 avTrdV uédov
xel &t ta an adTdv TETpdyovE A6lpusToa
t6 Olg v% avrdv, §) Aotwy &Aoydg é6Tiv: mMa-
Asledw 0% n wsra péeov ufoov té SAov morovoa.

"And pop e0delug tig AB edPsia apnefode 1
BT dvvdus dovuusroog ov6e tfj AB mowotea te mgo-
ustpeve: Aéyw, Ot ) Aowmy 1) A &loyds fovwv %) xe-
Lovuévy 1 pere uéeov péeov To Glov morovow.

‘Exxelodm yog ¢nry 1 AI, xal ol uydv dnd tdy
AB, BT leov mage vy AI magafefiijedo 10 JE
ndarog mootw iy AH, v¢ 0t dlg vwd tov 4B, B’
loov dppeiede 0 A0 [midrog mowoty iy AZ].
Aoumdv &oe vo0 ZE loov dovl t6 4mo vijg A" dots

2. BI" tergeyove BFb. BI'] Bm. 2 V. xef] om. P.

3. coupsreor F. 4, wol — GIA gneoy 8t w0 V.~ §nrdv]
om V. 6 0t 7] 8éb. 7. 8mee £dsr deifau] om. BFVD,
comp. P 8. o F. 10, d¢]) om, P. 11, z¢] in ras. V,
uéy BFb. an’] dwo zéw V. ~ 12, 7] in ras. V, 3¢ BFb.

18. el &ri] &7 vz Theon (BFVU). 14. 7] 2éym 8z 7 V.

éoze BV, comp. Fb.  15. %] om. FVb, =~ 17. za mooxel-

peva] ©0 piy ovyxelpevov éu tov dwd tov AB, BI' tetpaydvay
péoov, o 8t O om0 tdv AB, BI" péocov #ri ze (om. V, m. 2 F)
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_4 autem rationale, 4B*-- BI"™ et 2 4B>< BT in-
commensurabilia sunt. itaque etiam reliquum [II, 7]
ATI"? et 2 4B >< BI' incommensurabilia sunt [prop.
XVI]. et 2 4B >< BI rationale est. itaque 41

I irrationale est. ergo AI irrationalis est [def. 4];
uocetur autem recta cum rationali totum medinm
~B efficiens; quod erat demonstrandum,

LXXVIIL

Si a recta aufertur recta potentia incommensurabilis
toti, cum tota autem efficiens et summam quadratorum
mediam et duplum rectangulum medium praetereaque
summam quadratorum duplo rectangulo incommensara-
bilem, reliqua irrationalis est; uocetur autem recta
cum medio totum medium efficiens.

A recta enim 4B recta auferatur BI' potentia
rectae 4 B incommensurabilis proposita efficiens [prop.
XXXV]. dico, reliquam AI" irrationalem esse, quae
nocetur recta cum medio totum medium efficiens.

ponatur enim rationalis 41, et quadratis 4B®-}- BI"™
aequale rectae 41 adplicetur 4E latitudinem efficiens
A H, spatio autem 2 4B><BTI'

gz ~H g

aequale auferatur 4@. itaque
I 6| g reliquum ZE = 4I'* [II, T].
; , , quare AT spatio ZE quadrata
4 T B

aequalis est. et quoniam 4B2

ta dno vév AB, BT devpueree 7 dlg v7o twy AB, BI" Theon

(BFVb). 18. dom BV, comp. F. 7 xalovuévy] xalelofo

3¢ Theon (BFVDb). 19. uéosov] supra ser. F.  20. 4I] 4K

in ras. V, item lin. 21. 21 foov] {oov 6 JE V. iy

corr, ex &ﬂtﬁﬁ m. 1P, fnupw oy V, m.2B. 6 4E] om. V,
© 23. mlarog — AZ] om. P.
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7 AL dvverar 6o ZE. xol émel to ovyxelpsvov &x
v and tov AB, BI' zergayovov uéeov éotl xal
dotww loov 19 AE, uéoov doa [éotl] to AE. xal
naga ¢y vy A1 magdxsivar midrog ooty iy AH"
gy Goa dotlv ) AH xol dovpuergog tf) AI wixer.
e, émel ©o Olg Umd tév AB, BI' uéeov éovl xal
dorv iGov 1o A0, 1d doe 4O ufoov éoriv. xal magd
onty iy AI maegdxsizar mAdrog mwototw Ty AZ°
ooy doa dorl xal v AZ nal dovupergog v A1 pijxer.
xel émel aovpuctge €ote ve dmd tov AB, BI 16 dlg
om0 vy AB, BI', devuustgov dga xal t6 AE 16
40, 6g 6 ©d0 AE mpds ©0 A0, ovrws dori xel q
AH mdg vy AZ* doduustgog doe 1 AH ) AZ.
xel glow aupdreger ¢nral of HA, AZ &po $yral
slor duvduer uévov ovpuergoi. dmovour deu feTiv 3
ZH: oy 0t n ZO. 1o 0% Um0 gnriig %ol amoTouijs
negueyducvov [dgdopaviov] dloydy dotwv, xal 7 Svve-
uévy adrd dhoyds doriv. nel dvverar 1o ZE 3 AI™
7 AT doa dhoydg detiv: xedelodwm 0t § et pédov
uéoov 16 GAov morovoa. Omeg e dsibau.

0d’.
Tf axoroptd uie [uévov] woocagudler cvdeie
1ty dvvdpsr pdvov gvuuergog ovoe v, 64y.

1. AT) AT peigoy b.  xaf]l m. 2 F. 3. Z67{] om. P.

4. 411 dK inras. V, itemlin. 5,8,9; JHP. 5. ovppereos
B, corr. m. 2. 7. 7] corr. ex t6 m. 1 F.  Zorv] éovt PBYV,
comp.Fb. 9.40ciy PB. xal] (prius) om. B. 10, dovupereds F.

douiv P.  11. zéi] correx zo m. 2 F. 7] corr. ex zd m.
2F. 12 46] (alt) @, add. Z m. 2, F. {oriv PB. xaf]
om. P, 13. jy] om. P. JH] dinras. V, Hd Fb. 14.

Ggal m.2F. 15.glowP. 16.26] dKinras, V. 8¢] & P.
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—+ BI'® medium est et = 4E, 4E medium est. et
rationali 41 adplicatum est latitudinem efficiens o H.
itaque A4 H rationalis est et rectae 4I longitudine
incommensurabilis [prop. XXII]. rursus quoniam
2 AB>< BI' medium est et =46, 46 medium est.
et rationali 47 adplicatum est latitudinem efficiens
AZ. itaque JZ rationalis est et rectae 4I longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AB® 4 BI® et 2 4B >< BI" incommensurabilia sunt,
etiam JE, 460 incommensurabilia sunt. uerum
AE : 40 = 4dH: 4Z [V], 1]. itaque 4H, A4Z in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. itaque Hd, 4Z rationales sunt potentia tantum
commensurabiles. quare ZH apotome est [prop.
LXXIII]. Z@® autem rationalis est. spatium autem
recta rationali et apotome comprehensum irrationale
est [prop. XX]J, et recta ei potentia aequalis irrationalis
est. est autem A" =ZE. ergo AI irrationalis est;
nocetur autem recta cum medio totum medium efficiens.
quod erat demonstrandum.

LXXIX.

Apotomae una tantum congruit recta rationalis
potentia tantum toti commensurabilis.

17. dedoydviov] om. P, d¢1¢ PBV, comp. Fb. 18,
Zote PBV, comp. Fb.  19. é6re BV, comp. Fb. %] om. P.

20. Gmep £0er deiton] comp. P, om. BEVh, 21, 0d'] corr.
ex n” m. 2 F, 22, uovor] om. P, udvn V et F supra scr.
oy m, 1,
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"E6to amotoun v AB, mgoeagudfovea 0% avry 7
BI™ af AT, I'B &ga ¢nral slor dvvduer wévov 6vu-
uergor’ Adyw, Ote ) AB évépe ov moodaguilel ¢y

dvvdus pdvov elupergos ovee tij 0Ay.

El yap dvvardv, mgocaguoléite 7 BA  xal «f
Ad, AB égo ¢yval slov Svvips udévov @vupergo.
nel nel, 6 vmegéyer va amd tév Ad, AB tov dlg
Ind tov AAd, AB, Tovre vmeeéyes xal ve awd eV
AT, I'B 7ov dlg om0 tév AT, I'B* ©6 yap avrg 16
and tiig AB dugpdrsea vmepéys dvariot dpa, & Omsg-
égeL T amo tédv AAd, AB v amd rév AT, I'B,
TovTe Umepéys [xal) 706 Olg vmo vdv Ad, 4B 1ov
0lg vno vév AT, I'B. 7ta 0% and vév Ad, AB tdv
dno tév AT, I'B dmepéyst dnrd” nra poo dugpdrega.
xel ©9 Olg doa UmO TV Ad, AB tov dlg Vwd THWY
AT, I'B vnmeoéye ¢nrey: Omeo éorly advwatov: uéow
pao dugporepa, uéoov O0F uéeov ovy vUmegéysr $nTE.
th &oe AB éréoe 0¥ mposagudter Gy dvvdus pdvov
ovuperQog ovex T OAy.

Mle dga udvy v} dmorous] meoeagudler gnry ov-
VEREL OVOV GUUUETPOg ovew Tf 0Ay” Omeg £dsu dsita.

’

x’.
T7 uéeng amorouy mewTy pie Wovov m@o6-
couolsr evdeia uéon dvvauer udvov vupscrgog

3. ¢noj] m. 2 F. 5. nqouaeyo{eaﬁw b. xeed] om. B.

6. 4B B4 F 9. T3 ano rncl 6 F. 10. 4B — VweQ-
éyet] am ay,qwté(mv vnegolnc T Gwo THS 4B BFb; in B del.
m 2, mg. T yag avrm—vnseezs; m 2. &] wgb. 11, 44,
] AI‘ TEF, corr.m.2. dmo — 12. vnepszu] inras. F. 12
#af] om. P.  4B] m. 2 F, 14. §nee] corr. ex gnep V et
m. rec. B.  Post ydo add. sloy FVb, domw B.  15. zd] corr.
ex v m. 1 F, doa) om. V. 17, Post yaq add. sloww Vb,
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Sit 4B apotome, ei autem congruens BI.
itaque 4I', I'B rationales sunt potentia tantum
commensurabiles [prop. LXXIII]. dico, nullam
TB aliam rationalem potentia tantum toti commen-
surabilem rectae 4 B congruere.

nam si fieri potest, congruat B4. itaque etiam
T A4, 4B rationales sunt potentia tantum com-
-4 mensurabiles [prop. LXXIII]. et quoniam
(AA*+ 4AB*) 2 A4 < AB=(AI*+T'B¥)+2 A'><I'B
(nam utrumque excedit eodem spatio 4 B? [II, 7]), per-
mutando erit
(A4*+ AB*)~ (AT +T'B*)=2.A44>< 4B -2 AT < I'B.
verum A4 4% A4 B* excedit 4 I'? | I" B spatio rationali;
nam utraque rationalia sunt. itaque etiam 2.44>< 4B
excedit 2 AI'>< I'B spatio rationali; quod fieri non
potest; nam utrumque medium est [prop. XXI], me-
dium autem non excedit medium spatio rationali [prop.
XXVI]. itaque rectae 4B nulla alia rationalis po-
tentia tantum toti commensurabilis congruit.

Ergo una tantum recta rationalis potentia tantum
toti commensurabilis apotomae congruit; quod erat
demonstrandum.

~A

LXXX.
Mediae apotomae primae una tantum congruit recta
media potentia tantum toti commensurabilis, cum tota
autem spatium rationale comprehendens.

éorv BF. 18. 7j] corr. ex z« m. 2 F.  {gnzip V.  20.
wle — 21. 8ly] bis F, sed corr. 20. povov BFb.  mooo-
apudoeL BFV% 21, msq Eder duéouJ comp. P, om, BFVb

22. wa’ F, et sic demceps 23. y.eung] corr. ex péen m.
rec. P, y.eo'm BFV, péon b, pla] om.
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ovGa T OAy, upera O Thg GAng ¢nTov meQe-
éyovaa.

"Eetw yag udong dmorvoun modty 1 AB, xel ti
AB mgodaguotérm 1 BI* of AT, I'B &po uéoar &lol
dvvduse ubvov eduucroor nTov megiégovear TO VWO
tov AT, 'B* Aéyw, Ovi vij AB éréga od mpooapudte
péen Svvduer udvov 6vuuereog ovoe T GAy, weve 0%
Tijg 8Ang dnrov megiéyovoa.

E¢! pag dvvardv, mgooaguolérw xal § 4B* af dox
Ad, 4B péear elol dvvdue ulvov eduusrgor ¢nrov
meQuégovee ©d Umd vy Ad, AB. xel énsl, & Umeg-
e Ta amd 1y A4, AB tov dlg vmo rov A4, 4B,
rovte vmepfyer xol vo amd tov AT, I'B tov dlg vmd
tov AT, I'B' v yop adre [mddw] Omepéyove: ve
and vijg AB* évaddaf dou, o Umeeéys To AmO THY
A4, 4B tév énd vév AT, I'B, rotre dmepéyse xed
0 dlg vmd tév A, 4B vov dlg vmd vév AT, I'B.
70 02 dlg vmo tdv Ad, AB rov dlg vwd tév AT,
I'B vmegéyer dqre $nre pag aupdrvege. xal ve dmd
vav A, AB &ga v and tov AT, I'B [terpaysdvar)
vmegéyer Ty’ omep dorly advvarov: uéow pdo deTiv
aupirege, uidov 0% uioov ovy vUmegéye $nTed.

Tf &oa uéons dmotouf] meuty wla wdvov mweoo-
apudtsl evdela péen OSvvduer wévov EVjusTgog ovew
tij 64y, were OF vijg OAng OnTov meguéyovoa Omep £0s
dziteu.

3. péon BVDb, om. F. 4. meoowopdfst F, corr. m. 2.  «f]
corr. ex e/ m. 1 F.  dpa AT, 'B BFVh. elolv B. 5.
odupeteos V, corr. m. 1. 6. moocagudos: V. 8. meeuéyovear
V,corr. m. 1. 10, 44 m. 2 F. &loew LB. 12. z] corr.
exzom. 2 F. vov] zoe F. AL I'BF. 13 imspsi‘zs b,
corr. m. 1. 14, zi3] corr. ex v6 V.  modw] om. P.  wvmee-
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A Sit enim 4B mediae apotome prima, et rectae
AB congruat BI. itaque 4I", I'B mediae sunt
7B potentia tantum commensurabiles spatium rationale
comprehendentes 4I">< I'B [prop. LXXIV]. dico,
rectae 4B nullam aliam mediam potentia tantum
T toti commensurabilem congruere cum tota spatium
-4 rationale comprehendentem.

nam si fieri potest, etiam 4B congruat. 44, 4B
igitur mediae sunt potentia tantum commensurabiles
spatium rationale comprehendentes 4.4 >< 4B [prop.
LXXIV]. et quoniam est
(AA2F 4B*)+-2 44 <AB= (A +T'B*)+-2 A4 <I'B
(nam eodem spatio 4 B* excedunt [II, 7]), permutando
erit
(AL + 4B+ (AP +-TB) =244 AB—+2 AI'><I'B,
uerum 2 44 >< 4B excedit 2 4" >< I' B spatio rationali;
nam utrumque rationale est. itaque etiam 4.4% 4 4 B®
excedit 4I'® 4 I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXIV], medium
autem non excedit medium spatio rationali [prop. XX VTI],

Ergo mediae apotomae primae una tantum recta
media congruit potentia tantum toti commensurabilis,
cum tota autem spatium rationale comprehendens;
quod erat demonstrandum.

égovay LBF. 6] 7« b. 15, za] ual z¢ LB, 17. 4]

t¢ P. 18. 70 8¢ —19. I'B] xal V. = 20. tsroaydvoy] om, P.

21. dwegékse P, £ supra scr. B, 22, 84] yao L.  28. péoy

EeéFpéay LBFVbD. 25. Omeq &0zt Jeifor] comp. P, om.
b.

Euclides, edd. Heiberg et Menge. III. 16
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’

me'.

Ty wéong amorouy devrégy ula wévov meoo-
aoudler svdeia uéon dvvduer povov GUuueTQoOg
tf) 6y, were 8% vijg 8Ang uédov megiéyovoe.

"Ecre upéons dmovouy Osviéga % AB xal tfj AB
moooegudfovee § BI™ of doa AL, I'B uéoar cl6l
dvvduss pdvov evpustoor pédov mepiéyovoar TO VO
rév AT, ['B* Aéyw, 8ve tfj AB éréon 0¥ mwooGaguiss:
edPeie uéony Ovvduse pdvov cluuctgog ovea i) OAy,
uere 0 Tijg OAng wécov mepiéyovae.

El pég dvvardv, moocuguotéitw § BA" el af A A,
AB tpo uécor slol Ovvaus wévov evupergor uécov
wegiéyovoar Td Vo tév Ad, AB. xul dunelode dnry
7 EZ, xal voig utv awd wov AT, I'B iGov maga i
EZ nogafsfiijodo 0 EH midrog mowovv gy EM:
v 0% dlg vmo v AT, I'B loov doneiiedw 6 OH
wAdrog morovy Ty O M* Aoumdv oo 16 EA leov éotl
T amd tig AB' @ove § AB dvvaraw v0 EA. mdiw
0% voig awd vév AA, AB lgov mage iy EZ moga-
Pefinodw ©do EI midrog mwowoty v EN® &ove 0% xal
t0 EA loov vp and vijs AB revoaywve® Aowov doa
76 OI loov dorl tp Olg vmd vdv Ad, AB. xel émel
péoar gloiv of AT, I'B, uééa doa éotl xal Ta and tov
AL, I'B. xol éovw loa 16 EH' uéoov oo xal o
EH. xai noga ¢nryy tiy EZ nagdxeivor niarog wolody

2. péon uel péey LBFVD. povn V. 5. péon uel
péon LBFb, e corr. V. Jevréper] om. b, AB] B in ras.
m. 1P xolzj 4B om. V. 6. 7] 6t 4 V. ~«f] supra
scr. m. rec. b.  elofv LBP. 7. 6] z& L? 8. zé»] om. b.

nmeoccousésr LB, 11. 4B F. xel] om. B, 12, eloly
LB. 16. AB, BI' b.  20. EI] supra scr. Z F.  #ony L.
21. xal lowméy V. 22, lgov — 24. v EH] mg. m. 1 F.
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LXXXI.

Mediae apotomae secundae una tantum recta media
congruit potentia tantum toti commensurabilis, cum
tota autem spatium medium comprehendens.

4 B rd4a Sit 4B mediae apotome
! ' secunda et rectae 4B congruens

Z——E

4 o BI. itaque AI, I'B mediae
sunt potentia tantum commen-
surabiles medium comprehen-
dentes 4I'><I'B [prop. LXXV].

H M dico, rectae 4B nullam aliam
rectam mediam congruere po-

I N tentia tantum toti commensu-
rabilem, cum tota autem medium comprehendentem.
nam si fieri potest, congruat B4. itaque etiam
A4, 4B mediae sunt potentia tantum commensurabiles
medium comprehendentes 4.4 >< 4B [prop. LXXV],
et ponatur rationalis EZ, et quadratis 4I"® 4 I'B?
aequale rectae EZ adplicetur EH latitudinem efficiens
EM; spatio autem 2 AI'><I'B aequale auferatur @ H
latitudinem efficiens ® M. itaque reliquum E4 = 4 B?
[II, 7]. itaque A B spatio EA aequalis est quadrata.
iam rursus quadratis 4.4% 4 4 B? aequale rectae EZ
adplicetur EI latitudinem efficiens EN. est autem
E A= AB% itaque reliquum @I =2 44>< 4B [II,7].
et quoniam AT, I'B mediae sunt, etiam 4I®- I'B?
media sunt. et 4I'?+ I'B®*=EH. quare etiam EH
medium est. et rectae rationali EZ adplicatum est
latitudinem efficiens EM. itaque EM rationalis est

292, doriv L. Post émel del. m. 1: loov dotl v 845 P, 23.
dotév L, elol Fb.  24. EH) seq. ooy o7l © EH F.

16%*
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v EM: ¢nry doo Zovlv ) EM xal aovuucrgog 1
EZ unuer. mdiw, émel péoov detl vo Umd vdv AT,
I'B, xal 16 8lg Um0 vdv AT, I'B péoov éorlv. mal
dorwy loov v OH" xel v0 @H doa péoov éoviv. xal
nege fnryy iy EZ megdratar mwAdtog molotv TRy
OM: ¢y dgo ol xal ) @M xol deduuergog tij EZ
wijxer. xol émel of AT, I'B duvvdust udvov evuusteol
elow, aevppstog doa dotlv ) AL vjj I'B uixe. dg
0t ) AT mgog v I'B, obrmg éotl ©0 dmo mjg AT
wpog t0 vnd tov AI, I'B* dcvpustgov dpo éotl 7o
ano tijg AT ©6 vmod vy AT, I'B. A& v pdv émd
viig AT ovppered ot va dno tav AT, I'B, vj 0%
val tov AT, I'B ebupetodv dom 76 dlg vmd tév
AT, I'B* aevuuscroa &oe fotl 1 and tdv AT, I'B
te dlg Omd v AT, I'B. xal dore toig udv dmwd Tdw
AT, I'B loov v6 EH, v 0% dlg vno tav AT, I'B
loov v6 HO" aovpustoov Goa Zotl 0 EH v OH.
og 0% 70 EH mgdg ©o O H, otnwg éorlv 1) EM moog
iy @ M- aovpustgog doo dorlv § EM ti; MO pijxe.
xel slow dugiregar dnral: of EM, MO é&go ¢nral
elor Ovvapss udvov ovuuctoor’ dmovouy dpa doriv %
E®, mgosagudfoven 8% avtj § OM. ouolwg 01 Osl-
Eousv, Ote xal | ON avrf] mwoooapudle i doo dmo-
Touf] &AAy xel &AAn wooougudle svdela dvvduss uévov
ovpusTeog ovor T 8Ay° Omeg forly advvarov.

Tf &oo uéong dmorvous dsvrépe ulx pdvov mgoo-

1. EM) (alt) ENL?, ME b, 2. éezlv L. 3. 8l doa V.
doriv] L, comp. Fb, éor PBV. 4. 76 ©H] om. L, m.
2 B 567[:9 L, comp. Fb, 6/ PBV. 6. oty L. 7.
I'B] in ras. V.  dovppsreol F, sed corr. 9. doriv L, &ou
dovl B. 10. dovppergoy — 11, I'B]l m, 2 V. 10. &1l
sl B. 11. AT'] (prius) ¢ (non F, habuit B). 12. Zouw P,
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et rectae EZ longitudine incommensurabilis [prop.
XXII]. rursus quoniam 4I">< I'B medium est, etiam
2Ar>< I'B medium est [prop. XXIII coroll.]. et
@H =24 >< I'B. itaque etiam @H medium est,
et rectae rationali EZ adplicatum est latitudinem ef-
ficiens ® M. itaque @M rationalis est et rectae EZ
longitudine incommensurabilis [prop. XXII]. et quon-
iam AI', I'B potentia tantum commensurabiles sunt
AT et I'B longitudine incommensurabiles sunt. uerum
AI':I'B == AI'?: AT ><I'B [prop. XXI coroll.]. quare
AT? et A" >< I'B incommensurabilia sunt [prop. XI).
uerum AT, 4+ I'B? commensurabilia, et 4I'><I"B,
2 A’ < I'B commensurabilia. quare 4I"™ - I'B2
2 A" >< I'B incommensurabilia sunt [prop. XIII]. est
“autem EH= A"+ I'B, HO =2 AI'><I'B. itaque
EH, ®H incommensurabilia sunt, est autem EH:@H
=EM:0M [V], 1]. itaque EM, M@ longitudine in-
commensurabiles sunt [prop. XI}. et utraque rationalis
est. quare EM, M@ rationales sunt potentia tantum
commensurabiles. itaque E® apotome est [prop. LXXIII],
ei autem congruens @M. iam similiter demonstrabimus,
etiam @®N ei congruere. itaque apotomae rectae di-
uersae congruunt potentia tantum toti commensurabiles;
quod fieri non potest [prop. LXXIX].
Ergo mediae apotomae secundae una tantum recta

15. douw P. 17 HO)] in ras. V. EH) mut. in HE m.
1V, HE Bb, 18, 6] (alt.) om. b. 19. M@] in ras. m.
1B, &M P. 20. deo] postea ins. m. 1 V. 21. &lo:] om. @.

avyyerqoz] -o. e corr, P. 28. @N] N in ras. V. mgoo-
oqudrrer V. anotom] 7 E@® V. 24. pdvov] supra scr.

m 1P 26. &mee dotly ddvvarov] om. V. 26. péop
BFVb.
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agudter ebdele uéon duvvdper udvov GUupergog ovEX
7i] OAy, wsta OF vijg OAng uéoov megiéyoven Omep édec
detto.

. b’

5 Ti éidocov. ple udvov weocepudlel cvdeia
dvvdus d6VEPETE OGS 0VOe Tf) GAY MoLoVGw wETH
Tiig 0Ang TO piv éx 1oV AN aVTAY TETEAYAVROV
énTdv, 10 0% dlg v’ adrdv uéeow.

"Eorw 1 éiacewv 7 AB, xal vij AB mgocaoudfoven

10 éotw 1) BI™ of dga AT, I'B dvvdus &lolv aovpuerooc
woLov6aL TO uiv GUyxelucvov éx THV an avTOY TETQA-
povav ¢nrdy, ©o 0t dig Un’ avrav uéeov' Adyw, OtL
v} AB érépe e0dela ob mposaoudcer Ta alre molovew.

Ei yag dvvardv, mgooaguolérm § BA* xal af A4,

16 4B dpe Odvvdust &loly devuuctoor wolovGaL Td mEO-
slgnuéve. wol émel, ¢ Umegéys vo amo tov AA, AB
tév and vy AL, I'B, tovreo vwepéyee xal 10 dlg
Um0 vdv AA, AB tov dig vmd vov AT, I'B, ve 6%
ano tov Ad, 4B rergdyove tov and tov AL, I'B

20 TETQRYMVOY VrEQéysL Gnre” dnra yde v dugpdrega
xal ©o Olg vmd rov AAd, AB dpa Tod dlg vmd THV
AT, I'B vmegéyer ¢nyres* Omeo fotlv advvarov: uéea
pag oty aupirega.

Tf dga éidocove uie udévov meocapudfs. evdela

25 Ovvduer dovuusTEog ovG tij 0Ay xal moovoe Ta wiv
1. evdeie — pdvoy] om. P. 2. oz oz Gugm] co

P, om. BFVb, 4. np’] corr.exwy’ F. b. udwy V, yovnﬁ

9. %] (prius) ins. m. 2 F. 10. apa] supra ser. m. 1 V.

avppergor F, 13. 5] corr. ex y m, 2 F. fréoar §v-

felo F. neooaguolsl b, 14. xal] om. B. af] om. b.

15. Ante eloly ras. 4 litt. V.  7d] 76 V, et F, corr. m. 2.

wpostpnyevaL utv dmwo raw Ad, 4B (m 2 F) tstqaymva
(-yoveoy FV) due $nriv, 76 &t Glc vm6 tdv Ad, 4B pécoy
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media congruit potentia tantum toti commensurabilis,
cum tota autem spatium medium comprehendens; quod
erat demonstrandum.

LXXXIL

Rectae minori una tantum recta potentia toti in-
commensurabilis congruit cum tota efficiens summam
quadratorum rationalem, rectangulum autem duplum
medium.

Sit 4B minor, et rectae 4B congruat BI. itaque
A, I'B potentia incommensurabiles sunt efficientes
summam quadratorum ratio-
nalem, rectangulum aatem du-
plum medium [prop. LXXVI]. dico, rectae 4B nullam
aliam rectam congruere eadem efficientem.

nam si fieri potest, congruat B4. itaque etiam

AA4, 4B potentia incommensurabiles sunt efficientes,
quae diximus [prop. LXXVI]. et quoniam est [II, T;
cfr. p. 238, 7 sq.]
(AL + AB?) (AT +T'B*) =2 AA>=< AB—+2 AT'< B,
et 44 4 AB? excedit 4I" 4+ I'B? spatio rationali
(nam utraque rationalia sunt), etiam 2 44 >< 4B
excedit 2 A" > I'B spatio rationali; quod fieri non
potest [prop. XXVI]; nam utrumque medium est.

Ergo rectae minori una tantum recta congruit po-
tentia toti incommensurabilis et cum tota efficiens

A B I" V-

Theon (BFVb). 16. 7¢] in ras. m. 1.P. 17. 6] za B;
z¢ F, sed corr. m. 1. 18. vmé — 04] mg. m. 2 B, zob
— 19, dB] ecorr.m 1 F. 19. 44] 4 ecorr. m.1 V. 20
dmseéyee] m. 2 B, eloww b, 21, &ee] m. 2 B, om, FVb.

23. dotwv] m. 2 Fo_ou doc] om. P. Ante’ pla del. zj
AB m. 2V, pévy V. 25, dvwduse uovor FVbh, Gou-
uetgog FVb, et B, corr. m. 2. xel] om. V. zd] 76 PFV.
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on’ adrov Teredymva Gua ¢nrdv, 1o 8% dlg U’ avrv
uéoov' Omep £0s deibou.

wy'.
Ti pera dnrod uéeov vd SAov morovoy ulw
b uévov wpocaoudfst evdsla Svvdust a6Vuusroog
ovea tf 0Ay, pera 6% Tijg 3Ang morovow TO uiv
cvyxelpuevoy éx TAY AT VIOV TETQAYHVOV
péoov, to 8¢ dlg Ox’ adrdv gnrdw.
"E6teo 1 wete §nsov pésov v0 dlov mwoiovee 3 AB,
10 xal ] AB uoomxoyo{s’rm n BI™ a[ apa A, I'B
dvvay,u sloly dovupergor mowotoar' T xgouuy,wa
Adym, Orv T} AB éréga ovU mpodaguice T avre
ToLovoe.
E¢ yop dvvardv, moodaguoltérm § BA* xal af A4,
15 4B dpa ev®elar Svvdues slolv acvuustpor moloveoL
va mpoxslusve. émel oUw, @ Umegéyel Te: Ao TGV A,
4B tév and tév AT, I'B, tovre vmegéyel xal o
dig vmd tav Ad, 4B 1ov dlg vmd vov AT, I'B
axolovdwg volg med avrov, 7o 0% Olg VmO Tdv A,
20 4B zov 8lg vmd vdv AT, I'B Umegéyee $nrgp: gnra
pdo dovwv dugdrega” xal e awd tov Ad, AB édga
rov and tdv AL, I'B vmepéyer ¢nrd Omep Zoriv
advvarov: uéee pag fotv augpdrega. ot Goa 1y} AB
étéga mgocagudoer eVdela dvvdusr ACVUETQOg 0VOW

1. werayavoy P, retoaydvey V, et F, corr. m, 2. Post
nrév add. perd wijg GAng V. 2. Smeg #dee deifer] comp. P,
om. BFVb. 3. x6' F. 4. pera tov V. Post 61106 add,
»al{ m. 2 F. 5 wovn V.  10. xal 1: AB] om. B.  =qo0-
agudfovea Vb, meoseeudfovon d‘é B, aqpdfovon F. 11, 1
moonelueva] 'ro uév ov'yusty.svov % TV a‘::o 1oy AT', I'B ze-
zoayavoy picov, 6 O dlg vwo tév AI', I'B é'mov Theon
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summam quadratorum rationalem, rectangulum autem
duplum medium; gquod erat demonstrandum.

LXXXIII.

Rectae cum rationali totum medium efficienti una
tantum recta congruit potentia toti incommensurabilis,
cum tota autem summam quadratorum mediam efficiens,
rectangulum autem duplum rationale.

Sit 4B recta cum rationali totum medium efficiens,
et rectae 4B congruat BI'. itaque 41, I'B potentia
4 A r 4 incommensurabiles sunt propo-
[ = i—I  gita efficientes [prop. LXXVII],
dico, rectae 4B nullam aliam congruere eadem effi-
eientem.

nam si fieri potest, congruat BA. itaque etiam
AAd, 4B rectae potentia incommensurabiles sunt pro-
posita efficientes [prop. LXXVII]. iam quoniam, sicut
in priore propositione [p. 246, 16 sq.]

(AL + AB?) (AT +T'B?) =2 AA4>< AB~+2 AT'<T'B,
et 244 >< 4B excedit 2 A" >< I'B spatio rationali
(nam utrumque rationale est), etiam 44° -4 4B ex-
cedit 4I® 4 I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXVI]. itaque
rectae 4B nulla alia recta congruet potentia toti in-
commensurabilis, cum tota autem efficiens, quae dixi-

(BFVb). 12, iéym — 16. meoneipeva) om. P. 12, tadra V.
14, Ad} 4 ecorr.m 1 b, 16, ta meonelpsva] 10 piv ovy-

neluevoy &n tav dmo tov Ad, AB zsreaydvey picov, To OF

dlg tmo tav Ad, 4B (4B, Bd @) ¢nrdv Theon (BF VD). 1a]

corr. ex ¢ F.  18. Post I'B uacat una linea et spat. 6 litt. b.
21. dorv] om. V, m. 2 F.  23. yap slow V
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i Oy, pera O Tig Oing molovea Ta WEOsLEUEVA”
ule dga pdvov mgoGagudcs’ omeg €& Oeifar.
wd’.

T5 pera puéeov péeov o Aoy morovey ule
uovy mgoGapudter evdsla dvvdper doVupueTgog
ov6e T} 64y, pera 0} tig 8Ang moiovGa TG TE
ovyrelusvoy éx Tdv dn’ aUTGY TETQRYABVOV
uéoov ©o e Olg v’ avrdy ufeov xal &vi davyu-
pEToOY TG GvyxeLuéve €x TV & adrév.

"Eetom 7 ueve uédov uéeov to oAov motoden 1 AB,
moodagucfoven 0% avtii  BI af dpa AT, I'B dv-
vapuel sl6ly GeVPETEOL TotoDoaL TE TPOELQNUEVY. Afy®,
ote 1) AB éréga oV mpooaguicEL moLovG TX TQOEL-
onuéve.

El yeo dvvardv, mpooaguolére 7 BA, mers xal
t6g Ad, 4B dvvduer acvupérgovs slvar woloveng 10
te and 16y Ad, 4B verpdyova Gua pécov xel 0.
dlg vmo v AAd, AB uédov xal #r te dnod vdv A4,
A B acvupsron té dlg vmd vov 44, AB* xal éxxelodo
énvn 1 EZ, xal voig ptv axd vév AT, I'B loov magd
v EZ magaPefiijcde ©0 EH wmhdrog mowovy TV

1. za mposeruéva] 16 uiv ovynclusvoy éx tdv dn’ avrdy
Tetpaywvey uécov, 16 8¢ dlg 9%’ adrdy ¢nréy Theon (BFVD).

2. ple Goa] tf doa pera §nrod pésov to 8lov morovoy pix
BVYb et F, om. ple. mooowpuofer Vb, nol ta Eijg F.  omee
#des deifoue] comp. P, om. BFVh. 8, =d']sicm. 2 F. 6.
uévoy BFb.  Post dvwaus del. pévor m. 1 P. 8. z¢ 183
xal 6 Theon (BF VD). om0 ToY b. dovupergos F, o€
corr. 9. 70 ovyxelpsvoy éx tiv an’ adrav t¢ dlg vm' avToy
Theon (BFVb).  11. atji] om. Theon (BFVb).  13. &
mgoetonuéva) 76 te (uév F) ovynelpevoy ik vy dn’ advdy TE:
TQaydvay widov xal to dlg omé tav AT, I'B (9= edeav V)

péoov, En (corr. ex for F) 6% t& dmo vay AT, I'B rergayave
(zd add. F) dodpperox 7 dlg ©nd tdy AT, I'B Theon (BFVb).
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mus. ergo una tantum congruet; quod erat demon-
strandum. .
LXXXIV.

Rectae cum medio totum medium efficienti una
tantum congruit recta potentia toti incommensurabilis,
cum tota autem efficiens summam quadratorum mediam
et duplum rectangulum medium praetereaque summae
quadratorum incommensurabile.

Sit 4 B recta cum medio
totum medium efficiens, ei
E e M N gutem congruens BI" itaque

|
|
|
|

A4 B r 4

| | A, I'B potentia incom-
mensurabiles sunt efficien-
tes, quae diximus [prop.
Z 4 H I LXXVII]. dico, rectae 4B
nullam aliam congruere efficientem, quae diximus.
nam si fieri potest, congruat B, ita ut etiam
Ad, 4B potentia incommensurabiles sint efficientes
A4+ AB* medium et 2 44 >< 4B medium et prae-
terea A4 -+ AB%, 2. 44 >< 4B incommensurabilia
[prop. LXXVIII]. et ponatur rationalis EZ, et qua-
dratis 4T 4 I'B? aequale rectae EZ adplicetur EH
latitudinem efficiens EM, spatio autem 2 AI'><I'"B ae-
quale rectae EZ adplicetur ®H latitudinem efficiens ® M.

13. Post nqoaagydou add. Theon: dvvapes aavpyszoog ovox
7jj oAy, pere OF vig oAns (BF VD). ugoupnusva] -&¢- in ras.
m. 1 P, npouuysva Theon (BFVb) 16. s[mu asvp,yérqovg
BFV, slow dovup. b. o rs] 76 e P, za pév BFDb, 70 z¢
wynefusvow ecorr. V. 17. amo) éx V. 44, 4B] in ras. V.

ratquwvmv PetV (supra - ras. est). u;m] supra scr. V.,

;supra. ser. V. 18, dmo — 4B) vm avtaw V. T
om. 19. Post 4B del m. 2 zzrpaywve V. dedppereov P,
20. zoig] corr. ex rovg m. 1 V.
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EM, v 0t dlg v viv A, I'B isov mage iy EZ
nagafsplijodm to @ H xidrog motovv tjy @ M* Aoumwdy
dox 0 and vijg AB lGov éotl v EA' w dga AB
dvverar 10 EA. mdiw volg ano vov Ad, 4B ieov
noaga v EZ moagofefliodo o EI midgrog morody
v EN. &ove 0% xal ©0 amo vijc AB loov v EA
Aowmov dgo ©d Olg Vo tov Ad, 4B loov [éorl] 16
OI xal émel uésov dotl 10 Gvyxeluevov éx tav amd
1év AT, I'B xai éovwv loov v¢p EH, péoov dga éotl
xel v0 EH. xol mage dyeny vy EZ magdxsivar xAdros
nwotovy Ty EM* ¢nry) dpa fotlv 1) EM xal aovp-
uevgog tf] EZ wijxer. mddw, émsl yéoov deri o Olg
vro tov AT, I'B xei devwv isov e @H, péeov &po
el 10 OH., wol mage dqryy vy EZ magaxsiren
mhdrog mowoty iy OM: vy doo detiv ) OM xal
aovupcroog tvf EZ wixne. xol émel devuusrod foti
t& and vdv AT, I'B 16 dig vmo vaov AT, I'B, aevy-
uergov éove xal vo, EH v OH' dovuusrgog doo otl
xel 1 EM tfj M@ pixer. xol slow dupdrsoar gnral’
of dge EM, M@ §yral slor dvvduer udvov evuusroor’
dmovopy &pa éoriv 1 E®, mgocagudfovee 0F avrij 1
OM. opolwg 01 deifopev, 8t ) E@ mdAw duorop]
ovwv, mpooaguofovoa 0% aveyi 7 ®N. vf dga dmorouy]
&AMy %ol EAAn moocagudfst $nry dvvdus udvov Gvp-
pergog ovea vf 04y’ Omeg £0elydn advvavov. odx foe
©fj AB évéga mgocaguicel sldele.

1, ﬂaqa — 2 zaoaﬁsﬁlncﬂm] dopericdo V. 2. H® B.
M® inras. V, N F. loimov — 6. EN] mg. m, 1 F. 4
tois pév P. 6. wjv] bis V. 7, dotl] doviv P, om. FVD,
m 2B 9 'n:o] w6 F.  péooy — 10. EH] mg. m, 2
om. xal. 18. zg5) corr.ex 76 V, ©6 F. OH] HO'F. 1.
énm) — O@M] mg. m. 1 P (dori m) 17. devupergor — 18.
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itaque reliquum {II, 7] 4B*=E.A. quare 4B spatio
E A aequalis est quadrata. rursus quadratis 4 4® 4 4 B®
aequale rectae EZ adplicetur EI latitudinem efficiens
EN. uerum etiam 4B*=E /. itaque reliquum [II, 7]
244>} 4B =01I.
et quoniam AI"™ -} I'B? medium est, et 4" 4 I'B*== EH,
etiam EH medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens EM. itaque EM ra-
tionalis est et rectae EZ longitudine incommensura-
bilis [prop. XXII]. rursus quoniam medium est
2A4AI'><I'B, et 2 AI'><XI'B = @ H, etiam ®H medium
est. et rationali EZ adplicatum est latitudinem efficiens
O®M. itaque @M rationalis est et rectae EZ longi-
tudine incommensurabilis [prop. XXII]. et quoniam
ATI* 4 I'B? et 2 AI'><I'B incommensurabilia sunt,
etiam EH, @H incommensurabilia sunt. itaque etiam
EM, M@ longitudine incommensurabiles sunt [VI, 1;
prop. XI]. et utraque rationalis est. itaque EM, M@
rationales sunt potentia tantum commensurabiles. quare
E® apotome est [prop. LXXIII] et ® M ei congruens.
iam similiter demonstrabimus, rursus E® apotomen
esse, ei autem congruentem @N. itaque apotomae
diuersae rectae congruunt potentia tantum toti com-
mensurabiles; quod demonstratum est fieri non posse
[prop. LXXIX]. itaque rectae 4B nulla alia recta
congruet.

©®H)lmg.m.1V. 18. &ex éov/ BFb. @©H] HO®' F. Iotly

PB.” 19. uixe] om. b, 21, meoocpudrrovea V. 22 OM}

HO D, et F, cor. exM@ 23. fovt PBV, comp.Fb. 24, xe

alﬂ.n nTn B. nvj] m. 2 B. 25. ddvvazoy 3elyon V.
ost 4B del sv&aux m 1V, moooepuofer b.
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T§ doo AB ple povov meocagudfer evdeia dvvapse
dovupeTgog ovoe Tf OAy, wera 0% vig SAns moiodew
To 18 an’ alTdV TETQAYwVE dpe wécov xal To dlg Um’
avTdy pédov xel fri ta dn’ wlTdV TETQAY@VE GOVU-

~ e 5 b4 ~ 14 ’
5 perge o Olg v avidy' Omeg éde Oeifat.

Voot ToiToL.

a’. ‘Troxspévng dnrijg xel amorouts, éav udv 1) oAy
ijg mgoGaguofoveng peilov dvvyrar e amd Gvuucroov
faurf] mijxer, xal % OAn eVuuergos 7 v éxnespévy

10 ¢nrf] pnxee, xadelofo amoToun mEWT.

B’. ‘Eav 8¢ 1) mgocagudfovea avuustgog 7 Tij éx-
xewpévy Oqry wixet, xel % GAn Tijg mweooaguofovens
petfov dvvmror 16 dmo ocvupévoov favrf), xrcAslode
amworoun devréga.

15 7. 'Edv 0% undetéon obupergog 17 Ty éxmeruévy
oty wixer, 7 8¢ 0An Tijg meocaguofoveng usifov 0v-
vnTar T¢ amd evuuéroov favrij, xoAelodw dmoTouy
TolTY.

0'. INdAw, éav 7 GAn tijg weocaguotoveng ueifov

20 dvvyrar T¢ and aovuuérgov Sevrf [wixed], dav udv
5 6An eVupstgog 7 T duxepévy $uri wixe, xedelodo
ATOTOUY TETEQTY,

¢. ’Eoav 6% 7 mpodagudlover, méumy.

§'. ’Eav 0t pnderéow, ExTn.

1 yovn V. wgoo'ozgyoo‘u BFV. 3. ze] om. b, w6 P.
tergayovoy P, péoa V. 4. xel éré] {u 7¢ BFVb. .
d

dés] om. b. avtav] eras, B, dmep £0re d‘uéou] om. BV,
6. dgo zoiro] PV, mg. m, 2 B, om. F; #¢’ b, mg. m, 2 B,
numeros om. codd. 1. 71] om. B. 8. dvverran @. dovp-

pétgov BV, sed corr. 9. 7] supra ser. m. 1 b, om. V. 11
e V. 13, xe 7 — 13. fevrj] om. Fb, mg. m. 2 B. 12,
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Ergo rectae 4 B una tantum congruit recta potentia
toti incommensurabilis, cum tota autem efficiens sum-
mam quadratorum mediam et duplum rectangulum me-
dium praetereaque summam quadratorum duplo rectan-
gulo incommensurabilem; quod erat demonstrandum.

Definitiones tertiae.

1. Datis recta rationali et apotome, si tota qua-
drata congruentem excedit quadrato rectae sibi com-
mensurabilis, et tota rationali propositae longitudine
commensurabilis est, uocetur apotome prima.

2. Sin congruens rationali propositae longitudine
commensurabilis est, et tota quadrata congruentem
excedit quadrato rectae sibi commensurabilis, uocetur
apotome secunda,

3. Sin neutra rationali propositae longitudine com-
mensurabilis est, et tota gquadrata congruentem excedit
quadrato rectae sibi commensurabilis, uocetur apotome
tertia.

4. Rursus si tota quadrata congruentem excedit
quadrato rectae sibi incommensurabilis, si tota rationali
propositae longitudine commensurabilis est, uocetur
apotome quarta.

5. Sin congruens ei commensurabilis est, quinta.

6. Sin neutra, sexta.

%el] supra ser. m. 1 V., 13. dvvarer PV.  Post nalelofo
ras. 2 litt, V. 15. &2 V. 16, 5 0% 81y — 17. fawtfi] om.
Fb,m 2 B. 16. dvvarex V. 19. 7] m. 2 B. ¢ =goo-
aguotovene B, sed corr. (ante z7: ras. 1 litt.). 20. cvppéreov
B, corr. m. 2. piue] om. P.  péy] supra ser. m. 1 .'5 21.
7] m. 2 B. 24. -ocr &- in ras. m. 1 P.
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’

we’.
Edvgeiv Tty medrnv é¢mwovounw.

‘Exxeiodo non n A, xoal vij A wixe GURUETEOS
éotw ) BH* ¢nr) doa dotl xal ) BH. xal éxxcloBwoay
5 0vo rerpayovor deiduol of AE, EZ, dv § vmegoyy 0
Z4 wy erw verpdyovog' o0d’ dge 6 EA medg Tov
AZ idyov &yer, Ov TeTedymvog Ggududg meodg TETQE-
yovoy Geidudy. xal memonjcdm g 6 EA meog Tov
AZ, otrag o dnd vig BH vevgdyovov meds T0 470
10 tiig HT tetgdyavov: adpucrgov Hoo dovl v amo tis
BH 6 amé tijg HI. ¢yrov 8¢ v dmd tijs BH'
onrov Hge xel o dmd tig HI™ §yry Gea éotl xal 1
HT. xal énel 6 EA mgdg ©ov AZ Adyov ovx Eyel
Sy verpdymvog doiBuds meds Terodymvoy doidudy, 0vd’
156 dga T amd vijg BH mpog v amd vijg HI" Adpov &y,
Ov werpdymvog diduds medg retgdymvov IRV’
aevuueroog dou éotlv 7 BH vfj HI' uixer. nel slow
aupovegar ¢nrals of BH, HI doo $nral slow dvvdus

uovov 6vuuctgor’ § &gu BI' dmovour) éoviv.

20  Aéyw 01, i xal mpdry.

Qu yop upettov dove ©d dmo vijg BH 7ov dwd T8
HT, ¥ovo ©o axd vig ©. xal émel doviv g 6 EA
ngds vov ZA, otrmg 1o dmd vijg BH mpdg vd md
tiig HI, xel dvesrpéypavn &ge éotly dg 6 4 E mpos
25 ov EZ, otrwg 10 and tijc HB medg 6 dmo vijs ©.
1. zz'] om. BFb., 8. fnmf] m.2B. pixe]om. V. 4
fozw] forar F, corr. m. 1; &oro piixse V. ottv P. BH
cor.ex HBV. 6. 7] m 2F., 6 4Z BVb. ovx FV.
7. 42} "24’ F. 8. memowzlsBo F. 6] m. 2F. 10
tereayovor] om. V. ovuusteos V, corr. m. 1, dotty V.
11. HBF. HI] supra scr. ® b; @' F, sed corr. (?).

éntév — BH] m. 2 B. 18, HI'] in ras. V, corr. ex I'4
m. 1b. 14, dotBude] om, V. oibudy] om. V.  ov0dé
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LXXXYV.

Inuenire apotomen primam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit BH. itaque etiam BH rationalis est.
et ponantur duo numeri quadrati 4E, EZ, quorum
4 B T H differentia Z4 quadratus
o o , ~ numerus me sit [prop.
z 4 XXVII lemma I]. itaque
E A: 4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. et fiat E4: 4Z = BH?: HI"?
[prop. VI coroll.). itaque BH? HI™ commensurabilia
sunt [prop. VI]. uerum BH? rationale est. itaque
etiam HI'? rationale est. quare etiam HI rationalis
est. et quoniam EA : 4Z rationem non habet, quam
numerus quadratus ad numerum quadratum, ne BH®
quidem ad HI™ rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque BH, HI' lon-
gitudine incommensurabiles sunt. et utraque rationalis
est. itaque BH, HI rationales sunt potentia tantum
commmensurabiles. ergo BI"apotome est [prop. LXXIII].

TIam dico, eandem primam esse.

- sit enim @® == BH*—+ HI™® [prop. XIII lemma). et
quoniam est
EAd:724=BH?:HI'®,
etiam conuertendo [V, 19 coroll.] est
4dE:EZ = HB?: G
uveram 4 E: EZ rationem habet, quam numerus qua-
dratus ad numerum quadratum; nam uterque quadratus

FVb. 15. &o«] supra scr. m. 1 V. HI'] e corr. V. 17,

BH]HB . 18.&lawv P. 19, d6m: V, comp. b, &le: comp. .
22. @] in spat. 2 litt. ¢. EJ] JE V. 23, 16v] 76 b,
4Z BVb. 24. 4E] in ras. m. 1 P.

Euclides, edd. Heiberg et Menge. IIL 17
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6 0t AE mpog tov EZ Adyov &yet, Ov tergayovog
doududs meog TETEdYVOY GQUONOY” ExdTeQog yaQ TE-
rodyovds dotw: wel 16 amd vijg HB &oa mgog ©0
ano tijg @ Adpov &ye, Ov TETpdywvog agUduds mEog
TeTpdyavoy agududy: evuustgog doa detlv 1) BH tf
@ wixe. xel dvvever v BH vijg HI' peifov to dnod
tijs @ % BH é&ga tijg HI' petfov dvvaraw t¢ amo
ovupétoov fovry] uixsl. xel éovv §) 8An v BH ovg-
uergog T fuxapévy ¢nryi wixes v A. 7 BT doa
dmwotous] 6Ti TWEWTY.

Evgyras dga % mewty amovoun 7 BI™ Omsp édec
svgety.

r’

s .

Evgsiv tqv dsvtégav amoTourv.
‘Exxelodo ¢nry v A xol v A odppergos unxer
9 HI. §nry doa dovlv ) HI' xal éuxslodwoav dvo
rerpdyavor agiduol of AE, EZ, dv % vmegoyn 6 AZ
w1 01w TETQUyOVog. xal memouoBw og 6 Z A mdg TOV
A E, otrag t6 axd vijg I'H terpdywvov meog 10 amd tijg
HB rergaywvov. evpucrgov éoa éotl vo and vijg I'H te-
Todywvoy t6 and tijg HB rergaydve. ¢nrov 0F to dwo
viig H. nrov dga [éatl] xal 16 dno vrjg HB* §nry) doa
dotlv ) BH. xal énel vo ano vijg HI tetpdymvov ngdg tod
ano tijg HB Adpov ovx &yet, OV veTgdymvog agududg meodg
teTgdyavov aguiudy, aevuucteds éotww § I'H vfj HB
pnxer.  xal elow qupovegoun gnrel’ of I'H, HB édoa
1. EZ) inras. V. Postidyov del.ovxF. 2. TETQUY0¥05]
tergaywvov F, sed corr. 8. dou PBYV, comp. Fb.  é&ga] om. P.
4@]H@b( 5. BH] HB P. Gtrlg]mb 1. 6. g
©®H b; HO. 7 F. 8. dovpuéreov P, et eras. e V. 7
(prius) om. BVb 9. m,nu] om. F. 5 4 pijxee BV, 13

% ] om. F, in figura =s’. 14. -n,v] supra scr. m. 1 P, 15,
dovupetoog P, corr. m. rec.; ovuperoos foram V. 16. éorly
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est. itaque etiam HB?:@” rationem habet, quam nu-
merus quadratus ad numerum quadratum. quare BH, ®
longitudine commensurabiles sunt [prop. IX]. est
autem BH? +— HI™ = @°. itaque BH quadrata ex-
cedit HI" quadrato rectae sibi longitudine commensu-
rabilis. et tota BH rationali propositae 4 commen-
surabilis est. itaque BI' apotome prima est [deff.
tert. 1].

Ergo inuenta est BI" apotome prima; quod erat in-
ueniendum.

LXXXVI.

Inuenire apotomen secundam.

Ponatur rationalis 4 et rectae 4 longitudine com-
mensurabilis HI. itaque HI' rationalis est. et po-
nantur duo numeri quadrati 4E, EZ, quorum differentia
A4Z numerus quadratus ne sit [prop. XXVIII lemma IJ.
et flat Z4: 4E=TH?*: HB? [prop. VI coroll.]. itaque
I’'H?, HB? commensurabilia sunt [prop. VI] uerum
I'H? rationale est. quare etiam HB? ratio nale est.
itaque etiam B H rationalis est. et quoniam HI'®: HB?
rationem non habet, quam

I—A—"——i numerus quadratus ad nume-

B F H rum quadratum, I'H et HB
] longitudine incommensurabiles
JIE__ZI 4 sunt [prop. IX]. et utraque
[ e— rationalis est. itaque I'H, HB
nal 7 P. 17. rerodywvor] om. F, ins. m. 2 ante ddo. 0]

7 V. 18, memoreloBo F. 4Z FVb, 20. ovupergog P,
corr. m. rec. 21, zerpaydveo] om. V. 22, fori] om. BFVb,
26. dotwv] doe % oy (sic) b, doa dotdy V; &oo add. m. 2 F.
HB] BH BF. 26, prjxec] e corr. V. HB] B e corr. V.
o qa} om. Po.
17*
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¢nral &lor dvvaper uovov cvppsrpor’ § BT doo drmo-
Toun éoTiv.

Aéyer 01, om xal devréga.

‘Qu yap pettov ot v6 amo tiig BH tod dmod zig
HT, ftm 10 and tijg ©. émel odv dovww &g td dmd
vij¢ BH mpog ©d and vijg HI, otrwg 6 EA agududs
meog TOv AZ Goidudv, dvactoépavty doa fotly g
70 amo vijg BH meog 10 dmo vijg @, ottwg 6 AE
ngog tov EZ. xal dotwv éxdregog vdv AE, EZ te-
Todyavog: T0 doa amd tiig BH medg 10 and vijg @
Adyov e, ov reTgayevog agududs medg TETEdYmVOV
agududy’ evpusrgos doo foriv § BH i © uixst. xel
dvvarar ) BH vijgc HI' psifov té dno ©ijgc @ 5y BH
doa tijc HI' psttov 0vwarar té amd ovuuéreov éavri
wijxg. xol éoviv 7 mpocagudfovaa § I'H tfj éxxspévy
6Nt ovppergog tij A. 4 BI doa dmorour] é6t devrége.

Evonrar e devrépa amotoun 17 BI™ Omeg de
detar.

=g’

Evoeiv v teltqv dmotourv.

"Exxele®m ¢y A, xal dxxslodooay toeis dotduol
of E, BI', I'd Adyov uy &yovres modg diisjdovg, ov
TeTpdpwvog auiuds weds TeTpaywvov dgLiudy, 6 0
I'B ngog ©ov BA Aéyov éyétm, v Terpdymvog doududg

2. éort PBV, comp. Fb. 8. d7] om. V. 6. dotfrudg]
om, V. 7. aqfudr] om. V., 8. oftwg] 8 Tdw (corr. ex
6) F. o] supra ser. F. 4E] Ed4 F. 12, dortv] donl
pixes V. piner] om. FVb, m. 2 B. xal dvvaroe] m, 2
supra scr. B, -vva-inras. V, xaf doniv Fb, Bm. 1. 13, pelfay
Fb et B, sed corr. m. 2; seq. ras. 6 litt. V.  z@] in ras. m.
1B, 50vb. riiglom. V. 5 BH — 14. ovpuéreov] mg.

m. 1 V (ovppézgov etiam in textu). 14. dovppéreov b, corr.
m. rec. 15. obupsreos 7} éuxzpévy $nrjj Theon (BF VD).



ELEMENTORUM LIBER X. 261

rationales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII].

lam dico, eandem secundam esse.

sit epim @%=BI*~ HI® [prop. XIII lemma). iam

quoniamest ppr.pgre _ g4 4z,
conuertendo [V, 19 coroll.] erit BH?:@* = JE:EZ.
et uterque 4E, EZ quadratus est. itaque BH? : @?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque BH, @ longitudine commensurabiles
sunt [prop. IX]. et BH® - HI'? = @® quare BH
quadrata excedit HI' quadrato rectae sibi longitudine
commensurabilis. et congruens I"H rationali propositae
A commensurabilis est. itaque BI' apotome est se-
cunda [deff. tert. 2].

Ergo inuenta est apotome secunda BI'; quod erat

demonstrandum.
LXXXVII

Inuenire apotomen tertiam.

Ponatur rationalis 4, et ponantur tres numeri E,
BI'y, I'4 rationem inter se non habentes, quam nu-

4 merus quadratus ad numerum
— quadratum, I'B autem ad B4

Z & " rationem habeat, quam numerus
—_— K quadratus ad numerum quadra-
, \E tum, et fiat E: BI'= A4*%: ZH?
3 4 r [prop. XXVIII lemma I], et

! BI':I'd = Z H?*: H@* iam quon-

16. prixer v 4 Bb, v A4 pixs V. doa] doa ¢nmyj F.
douiv PB. 17.dge 7 V. BTI'] @ (de F non liquet). omzo
£0ss deifar] @ et comp. P, 6mge £z sveeiv V, om. Bb, 19,
ng’ F (eman.). 2Ly énzy 5y P. 22, I'A] corr. ex 4 m. 2 F.
24. I'B] corr. ex I'd m. rec. b

bd
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205 TETEAyOVOY GLBudy, xal memoujed® g utv 6 E
moog ov BT, otrawg 70 dmd tijg A Tevedywvov meldg
10 and -tiig ZH vevpayovov, dg 08 0 BI mgog wov
I'4, otrwg 10 ano s ZH rsredyovov medg 10 dmd
5 tijs HO. énmel ovv éovwv dg 6 E meds tov BT, odrag
70 amo vijg A veTgdywvov medg 0 amd vig ZH te-
TEUYOVOV, CUuuETQOV &Koo €0Ti TO amd Tig A TETQM-
yovov té and vig ZH tergaydve. nrov 0% To amd
tijc A teTpdyovov. Jqrdv dpo xel TO amd ziig ZH-
10 §nvny doo éotiv  ZH. xel émel 6 E mpog zov BIT
Adpov odx &yer, Ov TeTedyOVOg doLPudg TPOG TETRUYVOY
doududv, 00’ doa 70 amd Tijs A Tevedywvov mEdg TO
and viig ZH [reroaymvov] Adyov éysi, Ov tergaymvog
" aeuduog meog Teredywmvov dgidudy aovuustog &pw
15 éotlv 0 A v} ZH pijxer. wddw, émel éotv dg 6 BT
7eos tov I'd, otrag 10 and tijg ZH rergdymvov meog
70 amd vijg HO, cvpuergov doa dorl vo and tig ZH
T and vijg HO. ¢gnrov 0% 10 amd vy ZH' gnrov
o xal ©o amo vig HO' ¢nry) doa dotiv ) HO. xal
20 émel 6 BI' mpos vov I'4 Adyov odx ¥yev, Ov tevgd-
povos agLduds meog TETEdywvoy a@uiucy, 'ovd’ dew
©0 ano vijg ZH modg 10 amd tijg HO® Adyov #yet, ov
TETQAYVOg aQuLdudg MEOS TETQAY@VOY GQLBudY* doUY-
uerpog doo fotly ) ZH tjj HO pijxer. xel elow dyu-
925 piregar gnral: of ZH, HO doa nral sloy dvvause
povov evpusrgol” amovous doa otlv n Z6.
Aéyo &, Ste el Tolry.
‘Enel pag dotiv wg pdv 6 E mpog vov BI, obrar

A kA

0 amd tijs A vergdywvov medg TO dmo vig ZH, ag

1. memorels®w F. 4. ZH] corr.ex AH F. 6. 4 zeroa-
yovor] AV. T édovljom. V.  rergdyovor] om. V. 8. 7e-
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iam est E:BI'= A*: ZH? A et ZH? commensura-
bilia sunt [prop. VI]. uerum A4? rationale est. itaque
etiam ZH?® rationale est. quare ZH rationalis est.
et quoniam E: BI rationem non habet, quam numerus
quadratus ad numerum quadratum, ne 4? quidem ad
ZH? rationem habet, quam numerus quadratus ad
numerum quadratum. itaque 4, ZH longitudine in-
commensurabiles sunt [prop. IX]. rursus quoniam est
BI':T'd = ZH*: H®,

Z H?® et H®® commensurabilia sunt [prop. VI]. uerum
ZH? rationale est; itaque etiam H®?® rationale est.
quare HO rationalis est. et quoniam BI': I'4 rationem
non habet, quam numerus quadratus ad numerum
quadratum, ne ZH? quidem ad H®® rationem habet,
quam numerus quadratus ad pnumerum quadratum.
quare ZH, H® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z 0 apotome est [prop. LXXIII].

Tam dico, eandem tertiam esse.

nam quoniam est E:BI'= 4*:ZH? BI':I'd =
ZH?:@H?, ex aequo [V, 22] E: I'd = A*: OH®,

Teaywve] om. V. 8¢] ove, add. 04 m. 2, V. 9. TeToo-
yovov] om. V. 12, 0vdé b. 13, rereaywvor] om. P.  16.
5] corr. ex zig¢ B, =ij¢ F. 16. té»] om. B. 17. H®] e
corr, F.  18. 7¢] meog 6 Fb. {§nrdv — ZH] mg. m. 1'V.
19. dex xel] inras. V. ¢nmj — HO] mg. m. 1 % dotly
om. b. 21. 0vdé b. 22. 76] (alt.) supra ser. m. 1 F. H@
Heras. V. 24 ZH] HZF. 25 of — elo] mg. m. 2 B,
in textu of sloe. elow P.  27. zolrn] corr. ex ¢nvf m. 1 P,
28. otz B.
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0t 6 BI mgog tov I'd, obtwg to and vijg ZH medg
T0 ano vijg @H, 8. igov doa fotlv dg 6 E medg Tov
I'4, ottwg 16 and tijg A meds ©6 amd w5 OH. o
0t E moog tov I'd Adyov odx &ye, ov rergaymvog
agududg medg TeTedyovov doududyv: ovd dea TO amd
ijg A meos 10 amo tijs HO Abyov Eyer, Ov reTpdymvog
aguiuds mweog TeTedywvoy dguiudy dcvuueTeog doa
N A v HO wijxe. ovderéoa dpe tov ZH, HO 6vu-
uergdg éote vf éxmewwbvn Gnvii vi) A wixe. & odv
ueitdy dote ©o amd vijg ZH vob amo g HO, forte
70 and vijg K. Znel odv dotwv dg 6 BI' meog tov I'd,
ottws 10 anod tvijg ZH meos ©d and g HO, dvacroé-
Yavr doo éotly wg 6 BI' mog tov BA, obrwg 7o
and rijg ZH verpdyovov medg o amo g K. 6 0
BI" mpog tov B4 Adyov ye, Ov tetpaymvog agududg
mOg TETRdY@VOY GQUIUCY” xel TO amd tig ZH dpa
n@dg 10 amo vijg K Adyov éget, Ov rerpdpmvog doiduds
7QOg TETQUEYMVOV aQuIUdY. GVuusTedg doe dotly | ZH
t K winer, xel dvverere § ZH viigc HO psiforv v
and evppfroov favrf. nel ovderépn rav ZH, HO
obupcTeds éote v Sxxepdvy nry tf A wixe: 5 Z6
dgo amotowr) é6Ti TolTy.

Ebonrow dga 1 volvy amovoun v ZO' Smeo Ede
dsikau.

’

wy’.
Eveely v tévdoTny dmoToumnw.
Exxclodo ¢nry 1 A xal tff A wixee 6vpuergog
n BH' ¢y dpe éotl el § BH., xol éunsiodooav

1. zév] om, P. ofrw B. 3. ®H] corr.ex HO V. 4.
ov I'd] corr. ex ’'m. 2 F. 9. doriy V. 11. BI'] ras. 2
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uerum E: I'4 rationem non habet, quam numerus qua-
dratus ad numerum quadratum; itaque ne 4% quidem
ad H@? rationem habet, quam numerus quadratus ad
numerum quadratum. quare 4, H® longitudine in-
commensurabiles sunt [prop. IX]. itaque neutra recta-
rum ZH, H® rationali propositae .4 commensurabilis
est longitudine. iam sit ZH? -+ H®* = K?* [prop. XTI
lemma). quoniam igitur est BI":I'd = ZH?*: H®?, conuer-
tendo [V, 19 coroll.] est BI': B4 =ZH®: K% uerum
BI':B 4 rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam ZH?: K* rationem
habet, quam numerus quadratus ad numerum quadratum.
quare Z H, K longitudine commensurabiles sunt [prop.
IX], et ZH quadrata excedit H® quadrato rectae sibi
commensurabilis. et neutra rectarum Z H, H® rationali
propositae 4 longitudine commensurabilis est. itaque
Z©® apotome est tertia [deff. tert. 3].

Ergo inuenta est apotome tertia Z®; quod erat
demonstrandum.

LXXXVIIL

Inuenire apotomen quartam.
Ponatur rationalis 4 et rectae A4 longitudine com-
mensurabilis BH, itaque etiam BH rationalis est.

litt. V, corr. ex BE F. z6v] om. P. I'd] eras. V, corr.
ex ''m. 1b. 12 ro] (alt.) supra scr. m. 1 b. 13. BT
corr. ex I'B V.  15. meog] mgov P.  16. &pa] supra scr.
19 o K — n ZH] mg.m. 1 P, Post ptifov add. Theon:
6 amo tig K. 7 a@a ZH tij¢ HO® peitoy ddvaron S’BVb, F
mg. m. 1), 28. %] om. FV1Z tefrn] om. F. onsg #de
deikee] comp. P, om. Bb. 24, deifwi] wosw Vo 26. nt’
F, et sic demceps 27. ui*& b.e = 28. &¢ P, corr. m. 2.
Zetly PBYV. #el] (prius) corr. ex xo P, om. FV.
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d0vo agudpol of 4Z, ZE, dore tov 4E GAov meog
éxaregov 16v AZ, EZ Aépov u1 &gev, Ov tergdywvog
doududs meds TeTEdywvoy agLBudy. xal wemoujedw
g 6 AE moog tov EZ, otrwg ©6 awd tiig BH ve-
Todywvoy meds To amd tig HI" evuuerpov doa éotl
©l ano g BH ©d dmo vijg HI. ¢nrov 0% 7o dmd
rijsc BH: {$nrov doa xel 7o amd tiig HI ey dga
dotlv ) HI. xal énsl 6 AE mdg vov EZ Adyov ovx
¥ye1, Ov TeTQAYVOg dELIWOS TPOG TETEAYVOY dgLBuUdY,
000’ &pua To amd vijg BH mpog 16 amd tijg HI' Adyov
$yet, OV TETEAYOVOG QLI Og WdG TETEdYRVOY GELIUSY”
aovppergog dpa fotiv v BH tff HI' pixer. xel sloww
auporepar ¢nrel of BH, HI' dga ¢nqral slor dvvdus:
udvov evuustpol’ amovouy dga feriv 7 BI.

[4éym 81, Ove xal Terdory).

Qu odv peitov éere To amd tiig BH tob amd Tijg
HI, #6tw 10 dno vig O@. émel ovv éonwv dg 6 AE
nedg tov EZ, obrwg 10 and tijg BH mpos 70 amo
vijg HI', xal avaorgépavts dpa forlv dg 6 EA mpog
T0v A4Z, otrwg 0 awd g HB medg ©d dmo zijg O.
6 0t EA meog 10v AZ Adyov odx &ys, Ov TeTpdywvog
aodudg meds TETodymvoy dgududy: 0990’ dga TO amd
viig HB mdg 70 amd tijg @ Adyov Eyer, Ov revpdpmvog
aoududs medg TeTpdywvov AQLiudy” GovuusTeos Goa
éotlv 9 BH vjj @ pijxer. xal dvavar 1) BH vijg HI
pettov ve amd vijg @ % dea BH vijg HI pstfov dv-
vatal T amd advpudreov éavrf. xel dovw 3An 4 BH

2. EZ) eras. V.* wij] om. . 4. té6v] mg. m. 1 P. 8.
mgds] om. . HI'] BI' supra scr. H b,  dotiv P, et V
del. ». 8. dovly] dotl wal FV. 9. mgog — 10. rijg (prius)]

om. ¢ lacuna relicta. «9. dofuor] om. V. 10. ovdé b.
11. agdpds] om. V.,  deuBpdv] om. V. 12. doziv] om. FV.
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A1 bk +—3 et ponantur duo numeri 4Z,
6 . ___ ZE, ita ut totus 4E ad
4 Z E utrumque 4Z, EZ rationem

non habeat, quam numerus quadratus ad numerum
quadratum. et fiat 4E: EZ = BH®*: HI"® [prop. VI
coroll.]. itaque BH2?, HI® commensurabilia sunt
[prop. VI]. uerum BH? rationale est. itaque etiam
HTI™® rationale est. quare HI' rationalis est. et
quoniam 4 E: EZ rationem non habet, quam numerus
quadratus ad numerum quadratum, ne BH? quidem
ad HI™ rationem habet, quam numerus quadratus ad
numerum quadratum. quare BH, HI' longitudine in-
commensurabiles sunt [prop. IX]. et utraque ratio-
nalis est. itaque BH, HI rationales sunt potentia
tantum commensurabiles. ergo BI" apotome est [prop.
LXXIII]. iam sit @ == BH?+— HI? [prop. XIII lemma].
quoniam igitur est #4E: EZ=BH?®: HI"?, etiam conuer-
tendo {V, 19 coroll.] est EA4: 4Z = BH?: @ uerum
Ed: AZ rationem non habet, quam numerus quadratus
ad numerum quadratum. itaque ne B H? quidem ad @2
rationem habet, quam numerus quadratus ad numerum
quadratum. quare BH, @ longitudine incommensura-
biles sunt [prop. IX]. est autem BH® —+ HI™ =62,
itaque BH quadrata excedit HI' quadrato rectae sibi

BH] un o pijnet] om. FV.  xal — 13. ¢yrel] mg. m.
1V. "18. elaw P. 14 avyyuqow ovx o. BI'] Be corr. g,
BH P, 15. léyo — rsm(m)J om. PB, xal @. 671] om. V.

17. douv] om. V., 18. mgog Tow EZ] Tod énd s EZ b,
corr. mg, m. 1, meog v6] tov b. 19. HI'] H in ras. m.
1 B. avactesipm ®. 20. ﬂw] om. P, w6 b. BHV., 21
Ed] 4 in ras. m. 1B, 22, 098¢ Vb, 24, dotdudv] om. V.,

&oc] in ras. V. 25. BH] (alt.) mut. in HB V, HB BFb.

27. gvppéroov b, corr. m. rec.  favry wixee B. 7 odnn V.
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o'dyy,argog Th éxueme’vn oy, wixer vi; A. 1 dga BI
amorour) €ote tera@tn
Ebonraw &ge 1) Terdery amovous)® omeo 565; deikat.

zd’.

Evoeiv tyv méumrny dmworourv.

Exxeiodo vy n A, el tii A pixee 6UOuuETQos
éorw 7 TH' ¢nr) dga [éotiv] ) TH. xal éuncloBwoey
dvo aguduol of AZ, ZE, @ore 1ov AE mpdg énarvegov
v AZ, ZE Adyov madw iy Eyewv, Ov TeTeay@vos
doududg moog TeTedywvov deududv: xal memwouwjode
g 6 ZE mpog tov EA, ovrog 10 dmd tijg I'H moos
to amd viig HB.! ¢nrov doa xal 16 amd trg HB
oyt Goo fovl xal § BH. xol émel éo6mwv g 6 AE
7gog T0v EZ, ofrwg 10 dwd vijg BH medg 6 dmd tijs
HI'y, 6 0% AE mgog tov EZ Adyov odn &yer, Ov Té
Tedyavog deiduds meds Tergdywvov deidudv, oY
doe t0 amd vijg BH moog 1o dwo tijg HI' Adyov &ye,
OV TETQAY@VOS AeLduds mEOS TETOAY@VOV GQLIuoV’
aevupsroog dga éotly § BH v} HI' uixs. xal &low
augoregas ¢yral” of BH, HI' dpo ¢nral slor dvvapss
uévor evpusereor” 1 BI dga dmorous) éemwv.

Aéyo 0%, Orv xol mépmry.

Qu pag peitdy éore T amd tijg BH voi dmo vis
HT, &tw 10 and tig @. émel ovw dotiv dg o 4no
tijg BH mpdg 0 and vijs HI, otrag 6 AE mgog w0V

1. Bl d&a B. 2. dcvwwP. 3.7} nelnF, BB, dmee
#0er deikar] comp. P, om. BFVD, 7. éotiv] om. P. 8.
ZE) EZF. J4E] AEinras. V. 9. riv] ©dv 9. malw]
om. Fb, 10. memorgloBo F. 11 v6v] om. P. 12. Post
HB add. cvppereor doo fotl to dmé tijs HI' (H V) =6 and
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incommensurabilis. et tota BH rationali propositae
A commensurabilis est longitudine. itaque BI" apo-
tome est quarta [deff. tert. 4].

Ergo inuenta est quarta apotome; quod erat de-
monstrandum.

LXXXIX.

Inuenire apotomen quintam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit TH. itaque I'H rationalis est. et
ponantur duo numeri 4Z, ZE, ita ut
AE rursus ad neutrum numerorum A Z,
ZE rationem habeat, quam numerus qua-
4 7T |, dratus ad numerum quadratum. et fiat
|  ZE:Ed=TH?:HB? itaque etiam HB?®
T g rationale est [prop. VI]. quare etiam
T e BH rationalis est. et quoniam est

AE:EZ = BH*: HI'®, et 4E:EZ rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne B H? quidem ad HI™ rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
BH, HI longitudine incommensurabiles sunt [prop.
IX]. et utraque rationalis est. quare BH, HI' ra-
tionales sunt potentia tantum commensurabiles. ergo
BI' apotome est [prop. LXXIII].

Jam dico, eandem quintam esse.

sit enim @ = BH? — HI® [prop. XIII lemma].
quoniam igitur est

BH?:HI* = AE:EZ,
vijs BH. {¢nzov ot o dno i THb, mg. FV. ¢nzév — HB]
mg. V. aoa — 13, énmj] om. P. 15. HI'} I in ras. V.

16. 099" doa] 050¢ P. 18, zezodyamvor] rst@a'ymvoc b, sed corr.
21. Zort BV, comp. Fb. 26. H'—p. 270, 1, EZ] in ras. F.

7 TB T4
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EZ, avaorgépavr. dga éotiv g 6 EA medg tov AZ,
ovrwg 10 amd v BH modg 10 ano tig ©. 6 0t EA
7eog 10V AZ Adyov ovx éyes, Ov TETEEY@VOS GQLIWdS
7Qog TeT@aymvoy aoududy’ ovd’ dea TO amd tijc BH
mpdg TO amo Tijg @ Adyov &yet, Ov TETEAy@VOg dYLduog
mOg TeTPAYOVOV dQuudy dovupstoog doa dativ N
BH ] ® pixer. xoal dVvarar  BH zijg HI' ueifov
e and tviig @ n HB doa vijg HI psifov dvvero
T WO dovupéTeov favti] wixel. %l d6viv 7 mOG-
apuobovee 1 I'H ovppcvoog vfj éuxepévy fneqj ©if A
uirse: 1 oo BI amotous] éoru méumey.

Evoyras doa 1 méumry dmotous) 1 BI™ Omeg &de
dsifou.

q.

Edgeiv tyv ExTyv dmoroui.

‘Exxsiodw fnry n A xal veeig doudpol of E, BT,
I'4 idyov m) é’xovreg wedg diijAovg, Ov 'zstgdyawog
agm?y,og Qo5 rergaywvou a@m‘}yov ére 0 xal 6 I'B
m:gog Tov B A Adyov uy e, ov rerpaymvog a(m‘)y.og
nQOg TETEAYWYOY AQuIudy: xel memoujodw wg piv O
E mgog tov BI', olrwg 16 dmd tijs A medg 0 and
tiig ZH, og 0% 6 BI meos tov I'd, oDrmg 70 dmd
vijs ZH moog 70 and tijg HO.

"Ensl ovv dotiv &g 6 E moog tov BT, obrwg 76
and tijg A medg ©o dmd vijg ZH, evpusrgov &ga vo
amo g A v amo vijg ZH. ¢nrdv 6% to and g
A dnrov dea xal td amd tig ZH: ¢nryy doa éotl xal

1. dvacteéparnt — 2. EJ] e corr. F. 1. doziv] om.
BFb. Eg) 4EP. 4 HBF, 1.6 HOF. BH]
HB BFV, y,ugov] om. P. 8 apu HB BH P.  év-

vater] om. V. 9. devguireov] d- in ras. V m. 2 B. Ecwty
dvvarar V. 10. Post I'H eras. nal ¢- V. 11. BT dga b.
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conuertendo [V, 19 coroll.] est E4: 4Z = BH?: @
uerum EA: 4Z rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne BH?
quidem ad @? rationem habet, quam numerus quadratus
ad numerum quadratum. quare BH, @ longitudine
incommensurabiles sunt [prop. IX]. est autem
BH?® — HI™® = @2

itaque HB quadrata excedit HI' quadrato rectae sibi
incommensurabilis. et congruens I'H rationali pro-
positae 4 longitudine commensurabilis est. itaque
BI' apotome est quinta [deff. tert. 5].

Ergo inuenta est upotome quinta BI'; quod erat
demonstrandum.

XC.

Inuenire apotomen sextam.

Ponatur rationalis 4 et tres numeri E, BI', I'4
inter se rationem non habentes, quam numerus qua-
dratus ad numerum quadratum; et

Al I

5% praeterea ne I'B quidem ad BA
X rationem habeat, quam numerus
! ! quadratus ad numerum quadra-
Er—i

tum. et fiat E: BI'= A4*: ZH?,
B 4 T BI':I'd = ZH*: HG

iam quoniam est E: BI'= A4%: ZH?, erunt 4%
Z H?® commensurabilia [prop. VI]. uerum 42 rationale
est. itaque etiam ZH? rationale est. quare etiam

12. omse #0e1 deikar] comp, P, om. BFVb.  16. cvyxelofw
B, corr. m. 2, Post E eras. B F. 18. I'B] supra add.
IraB; Br'V. 19. B4] corr. ex BI" m. rec. P. 20. me-
nmoricdw P, sed corr.; memoelo®w F. piv 6] 6 uév V. 22,
6] om. B, 28. HO®] OH b. 26. ¢gnrov — 27, ZH]
mg. V. 27 xel] 4ozl vl BFb.  doviv PB.
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9 ZH. =xal émel 0 E modg vov BI Aoyov ovx éye,
Ov Terpdywvog doududs medg TeTedywvoV dLdudv,
000’ dpo TO amd thg A medg 1O dwd i ZH Adyov
éye, OV TeTEdy@Vog LB udg mEdg TETEYOVOY dgLdudy
aevpuergog doa otlv 7 A vyj ZH uixer. medwv, énel
éotwv @g 6 BI' modg ©ov I'd, otrwg 6 dmd i ZH
npog 70 amd rijg HO, ovppsrgov doa vo amo g ZH
16 amd vijs HO. ¢nrov 0 0 dmo vijg ZH® gyuov
doa xal ©o amd g HO' ¢nqry dea xal § HO. xal
énel 6 BI mpog ©ov I'd Adyov ovx e, Ov reTodymvog
aguiuds meds TeTedymvov dotdudy, ovd’ dea TO amd
tiis ZH mgog ©6 amd tig HO Adyov &yse, ov tergd-
yovog ¢oiBuog mEds TETUY@YOV AQUIUOY dEVUUETQOg
doa éotly ) ZH v5j HO piue. xel elow augoregor
¢nral of ZH, HO &ga gnral slor dvvaue uovov ovu-
uergor' 7 Gpoa ZO dmovous] éeriv.

Aéyw 81, Ot xal Exrn.

’Enel pip domv g pdv 6 E medg vov BI, obrmg
70 awd tijg A medg TO amd vig ZH, dg 0¢ 6 BI
ngog tov I'd, obtwg 6 amd tiig ZH meog 10 and g
HO, 8/ loov dpa éotly g &6 E mpds tov I'd, olramg
70 and vijg A medg 0 dmd g HO. 6 0t E medg
tov I'd Abpov odx &ye, Ov Tevpdywvog aoududs medg
rergdyovoy doududy: ovd’ doe TO amd tig A medg
70 and tiis HO® Adyov &ye, Ov rerpdymvog agududg
nelg teTpdymvov aududy: acvuustgog dga é6Tiv 7
A v HO yixe ovdevépa dpa vév ZH, HO odu-
uereds dove v A fnri wixer. ¢ odbv peildy dove

1. HZ P. 3. 098¢ Vh. 5. %6t/ V. 4] Ko. 1@]

vig F. 6.9 BI meos wijw B. 7. dea doel V. ~ 11. 0¥dé
15. ovpperoor povov V. 16, deru BV, comp. Fb.  17. 8%]
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Z H rationalis est. et quoniam E: BI' rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne £ quidem ad ZH?* rationem habet, quam
numeris quadratus ad numerum quadratum. itaque
A, ZH longitudine incommensurabiles sunt [prop. IX].
rursus quoniam est
BI':I'd = ZH?:; HO?,

ZH? et H®® commensurabilia sunt [prop. VI]. uerum
Z H? rationale est; quare etiam H®?® rationale est.
itaque  H® rationalis est. et quoniam BI':I'A ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum, ne ZH? quidem ad H®® rationem
habet, quam numerus quadratus ad numerum quadratum,
itaque ZH, HO® longitudine incommensurabiles sunt
{prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z® apotome est [prop. LXXIII].

Jam dico, eandem sextam esse. nam quoniam est
E:BI'= A*:ZH?, BI':T'4 = ZH*: H®, ex aequo
[V,22] est E:I'd = A%: H®® uerum E:I'4 rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne 4% quidem ad H®® rationem habet,
quam numerus quadratus ad numerum quadratum. quare
A, HO longitudine incommensurabiles sunt [prop. IX].
ergo neutra rectarum Z H, HO rationali 4 commensu-
rabilis est longitudine. iam sit K’ == ZH?® -+ H®? [prop.

supra scr. m. 1 P. 21. dorly doa F. 24, 098’ — 26.
doudpéy] mg. m. 2 B. 24, 098° &pa] 09d¢ b. A 4 uou b.

25. HO] mut. in OH m. 2 V, ®H b. 27. ovdmgu aga]
xal ovderépe BV, 28, zjj 4 gnrp] Euuemqu Qqﬂy n] A
b et e corr. F (post 4 del. §nzh). m? ovv] ob P,
corr. m. 2.

Euclides, edd. Heiberg et Menge. ILI. 18
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70 and tiig ZH 10b dnd vijg HO, éore ©0 dnd tig K.
énel ovv dotv dg 6 BI' medg tov ', ovrag 16 &md
s ZH mdg 10 amo i HO, dvaoroépavte dou éotlv
g 6 I'B mpdg tov B, orwg 10 amd vijg ZH moog
570 and viig K. 6 0% I'B moog wov BA Adpov ovx
¥ye1, Ov TETQAYOVOQ CQLBUdG WEOG TETQAY@VOV CQLPUOY”
ovd’ &pa 70 amd tijg ZH mgdg 1o dmd rijs K Aoyov
Eyet, Ov TETQAY@VOS ALY UOS TP TETPA PRVOY GELIUGY"
aevppsrgog oo fotly v ZH vi) K uijxer. xal dvvarer
10 7 ZH tijg HO usifov v¢ amd tijg K 7 ZH &g tijs
HO peitov dvvarur 163 amd aovupuérgov favrij pixet.
xel ovderéoe tiv ZH, HO ovuucrgds éove vy éunet-
uévy ey wirse v A. N doa ZO amorowr éaTiv Ext).
Etentaw doa 1 &xtn amotvouy v ZO' Omep et
15 Ostéar.

’

Ga .

‘Eav yoolov megiéynrar vwd §nrig xal dxo-

TORTS WEATNG, 7 TO FWelov dvvauévy amorour]
doTuv.

20  ITeouegéodm pag yoglov ©d6 AB vmo dnuijg vijs AT
xel amotoufy mewtng tig AA° Aéyw, Ore 4 10 AB
goelov dvvaudyy dmovowr éoTiv. .

‘Emel poo dmorous) éove mewry § Ad, Eorw avri
mgocagustovoa § AH' of AH, HA &oa $yrel elot

25 Ouvdue udvov cvuuergor. xal 0y § AH oduustgog
dove i) uxepdvy fnvy v AT, nal m AH vig HA
ueifov Ovvarar T amd cvuusrpov fqvry wixer av

3. doa] om. F. 4. I'B] BI' FB.  BJ] supra add. I
m. 1 b, JB corr. ex BdJ uel BI' V, 5. tijg] rob . 8.
Fyed) ovn Eye P, 10. z¢] corr. ex vé m. 1 F. 7] in ras,

m. 1P, 11. gvpuéreov. B, corr. m. 2. 18. T A4 pyxe V.
14. omep £der deifor] comp. P, om. BFVb. Seq. demonstr.
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XI1I lemma}. quoniam igitur est BI':I'd = ZH?*: HG?,
conuertendo [V, 19 coroll] est
I'B:Bd4=Z7ZH?: K2

uerum I'B: B4 rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne ZH?®
quidem ad K? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare ZH, K longi-
tudine incommensurabiles sunt [prop. IX]. est autem
ZH? - HE® = K. itaque ZH quadrata excedit H®
quadrato rectae sibi incommensurabilis. et neutra
rectarum ZH, H® rationali propositae 4 commensu-
rabilis est longitudine. itaque Z® apotome est sexta
[deff. tert. 6].

Ergo inuenta est apotome sexta Z®; quod erat

demonstrandumn.
XCIL

Si spatium comprehenditur recta rationali et apo-
tome prima, recta spatio aequalis quadrata apotome est.
Spatium enim 4B ratio-

H pali AT et apotome prima
Ad comprehendatur. dico,

4 4 E Z

r ); ® I X rectam spatio 4B aequalem
Ny quadratam apotomen esse.

. ¢ nam quoniam 4.4 apo-

P—i—— 8 tome est prima, ei congruens

X\ sit 4H. itaque 4H, H4

P — rationales sunt potentia tan-

tum commensurabiles {prop.

alt., u. app. 16. G’ F, g8’ BV, et sic deinceps. 19. doz
BV, comp. Fb. 20: 6] w6 V. 21 5] m. 2 F. 23, ydo]
om, b, m. 2 B. meawry doriv BFV. 24 4H, HA) in ras,
m. 2 V. 27. dovppéreov F, et V, sed corr.

18%
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Gga v vevagre ufger rvod amd vig JH loov mega
iy AH wogoafindy élAsimov &lder tevoayodve, elg
avpuctoe vty Oaigel. tetuedw n AH dlye xova
©0 E, xal v and vijs EH loov mage iy AH mega-
Pepiieda éAdelmov elder tergaywvm, xal E6Te vO Vmo
wov AZ, ZH' ovdppergog &ou éotiv 7 AZ =i ZH.
xol O tdv E, Z, H onuelov ;] AL magaiinioc
fixdwcev of E®, ZI, HK.

Kol énel evpuergds éovwv % AZ < ZH wixe,
xel 7 AH doo éxavépe tov AZ, ZH ovupsreds éote
prjxst. arde 1y AH ovppergds éove v AT el éxa-
tég doa tdv AZ, ZH evuperodg éove tff AT wijxee.
xol dove gy ) A dqry doa xel éxevépe vév AZ,
ZH &ore xal éxdvegov tov AI, ZK ¢yrév éomuv.
xal €mel ovppergdg doviv | AE v EH pijus, %ol %
AH doa éxovépa vév 4E, EH 6dupcreog o pinst.
¢nrhy 0t 3 AH xel aovppergog i A wijxe Gy
Gga xal Enarégn tv A E, EH nol dobpuergog vij AT
urxee: Exavegov dga tdv 40, EK uéoov fetiv.

KeloBo On v wlv AI leov tevgdymvov to AM,
t 0 ZK leov tetodywmvov appeiode xowwny yoviay
ov avrg iy vme AOM o NE- megl v avriy
doe Oweuctody dore vé AM, N5 terodyove. &6t
avrdy ddpsrgog 1 OP, xal xovaysyodpdon 1o oyijua.
énel otw Lgov datl 10 Vno tdv AZ, ZH megieydusvov

1. péost] -g¢- in ras, B.  zov ¢mdj m. 2 F. 2. 7ij»]
corr. ex g m. 2 F.  AH] 4 in ras. F. 3. gtmgu?i] supra
add. pixer m, 2 V, diele BF, diély b. 4. 0] to 6.
ZH] (alt) HZF. 8. fizfwoav] fjz00- inras, m. 1 P. ZI]
mut.in ZHm. 2 F. 9. sj] g F. 11. al’F. 4Tl Ce
corr. m. 1 F. 18. dorv P. 14. AI) AT P, I in ras. V.

dovv] éor BV, comp. Fb, 15. #af) (alt.) om. V. 19,
4ot¢ PBV, comp. Fb.  20. xal xelofo V. 22. 40, OM
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LXXIII]. et tota 4H rationali propositae 4I" com-
mensurabilis est, et 4 H quadrata excedit H.4 quadrato
rectae sibi longitudine commensurabilis [deff. tert. 1].
itaque si quartae parti quadrati 4H? aequale rectae
AH adplicatur spatium figura quadrata deficiens, in
partes commensurabiles eam diuidit [prop. XVII].
secetur 4 H in duas partes aequales in E, et quadrato
EH? aequale rectae 4H adplicetur spatium figura
quadrata deficiens, et sit 4Z><ZH. itaque 4Z, ZH
commensurabiles sunt. et per puncta E, Z, H rectae
AT parallelae ducantur E®, ZI, HK.

et quoniam 4Z, ZH longitadine commensurabiles
sunt, etiam 4 H utrique 4Z, ZH commensurabilis est
[prop. XV]. uerum 4H, AI' commensurabiles sunt.
quare etiam utraque A4Z, ZH rectae AT longitudine
commensurabilis est [prop. XII]. et AI rationalis
est. quare etiam utraque 4Z, ZH rationalis est.
itaque etiam utrumque A4I, ZK rationale est [VI, 1;
prop. XI]. et quoniam 4 E, EH longitudine commen-
surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV]. uerum 4 H rationalis
est et rectae AI" longitudine incommensurabilis. quare
etiam utraque 4 E, EH rationalis est et rectae AI'
longitudine incommensurabilis [prop. XIII]. ergo
utrumque 4@, EK medium est [prop. XX].

ponatur igitur quadratum AM == A4I, et spatio
ZK aequale auferatur quadratum N5 communem an-
gulum habens 4OM. itaque quadrata A4M, NJ

PP, zév A0,0M Bb. 28. doui] sloe V. zetedyove] om. V.
25. 76] in ras. V.  zé»] m. 2 F.  meqegouevov] -ov in
ras. V.
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bpdoyaviov ¢ amd vig EH tvevoayove, Eotw gou
g 7 AZ ngog tv EH, otrwg y EH mog vy ZH.
ail’ og pdv 1 AZ mpodg Ty EH, ovres to AI mgog
70 EK, og 02 1 EH meds tiv ZH, otrwg éatl 7o
5 EK mpdg 1o KZ* tav dga AI, KZ uéeov évaioydy
éove 10 EK. &ovt 0% el vév AM, NE upéoov ava-
loyov t& MN, dg év voig Eumgoedev édelydn, xal
ot vo [udv] A1 v AM zevgaydve igov, vo 08 KZ
6 N& xal 10 MN éoo tp EK loov éotlv. dAde
10 6 udv EK t¢p 4O éovw igov, 10 0t MN v A5
to dga AK loov otl 1 TOX pvaopove xel v¢3 N5.
&ore 0% nal v0 AK lgov tolg AM, NE zerpaydvoig:
Aoumov doo t0 AB loov dotl vy ET. ©o 08 ZT 16
ano viig AN éott tevodymvov' Td dga dmd vig AN
15 reTodymvoy ldov éorl v9 AB' 4 AN dga dvvarel
0 AB.
Aéyw 04, 8ve 7 AN dmozopr) é6rv.
‘Emel yep $nrdv éovwv éxdregov tiv AI, ZK, xal
dorwy loov voig AM, NE, xel éxdregov diga tdv AM,
20 N5 ¢nrov éovwv, vovréere ©6 amd éxarépas tov A0,
ON =xal éxarépe coa tov A0, ON ¢gyrrj édotiv.
nad, émel péeoy éotl v0 4O xal oy loov T A,
pboov dga fovl wol vd AE. émel oty o ulv AN
uéoov dariv, vo 0t NJE ¢nrdv, dovpuergov doo éoti
26 t0 AE w5 NE' dg 0t v0 AE medg 16 NE, ovrog
dotiv m A0 medg vy ON* devuustgos dga éoriv 1)

2. Tijv] (prlus) om. P. 6. Post avaloyov ras. 8 litt. V. 7.

B. 8. pév] om. BFVb. 9.¢6) g b. MN] EKX
inras. V. EK] MN in ras. V. fozuy loov V, 10. =6}
(pnus) $ V, %) loov éotl 6 V. v 4O) in ras. m,
stwv {oov] om, V, Ioov doziy F. o 0t MN looy

£u1:l ©6 A5 loov doc to 4K 6 V. 12. fooy] om. V (supra,
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circum eandem diametrum posita sunt [VI, 26]. sit
OP diametrus eorum, et describatur figura [efr. uol. I
p. 187 not.). iam quoniam est 4Z >< ZH = EH?,
erit {VI, 17]) AZ:EH=EH:ZH. uwerum A4Z:EH
= AI:EK et EH:ZH = EK:KZ [VI, 1]. itaque
EK medium proportionale est inter 41, KZ. est
autem etiam MN medium proportionale inter 4 M, N5,
sicuti supra [prop. LIII lemma] demonstratum est,
et 4AI=AM, KZ=NJ. itaque etiam MN = EK.
est autem EK = 4@, MN = A& [I, 43]. itaque
AK=T®0X-+ NX uerum etiam d K= AM-+4 N3g.
itaque reliquum 4B = ZT. est autem XT=AN?2
quare AN? = 4B. ergo AN quadrata spatio 4B
aequalis est.

Jam dico, 4N apotomen esse.

nam quoniam utrumque AI, ZK rationale est, et

Al =AM, ZK = NE,

etiam utrumque 4M, N5, hoc est 40% ON?, ra-
tionale est. quare etiam utraque 40, ON rationalis
est. rursus quoniam 4@ medium est, et 40 = 45,
etiam 4.5 medium est. iam quoniam 45 medium est,
NE autem rationale, 4% et N5 incommensurabilia
sunt. uervm 4.5: N5 = 40:NO [V], 1]. itaque
A0, ON longitudine incommensurabiles sunt [prop.
XTI]. et utraque rationalis est; itaque 40, ON ra-

est ras). 13, ZT] corr. ex BI' V. 76 8¢ ZT] supra scr.
m. 1 P. 4] corr. ex. zo FV. 16. 4o7{] postea ins. F.

6] 76 F. 17. xal 5 P. 19, éor. V. {oov] loa Bb,
om. V. NE ioa V., 20. éor. BV, comp. Fb. 21. done
PBYV, comp. Fb.  28. d01/] dotiv P, om. V. 24, letiv] doxdl
PBVb, comp. F.  26. NX] (prius) corr.ex NKm.1b, 176]
(tert.) in ras. m. 1 P,
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A0 tfj ON uiner. xol eloww appotegar nral af
A0, ON dga $nrai &loe Ovvause pdvov GVuperooL
amoroun dga éotiv ) AN. xel dvvaral vo AB ywelov:
7 dge 10 AB ywelov dvvaudvy amorour foTiv.

Exy dgu yogilov meouéyntar Vo ¢yris xel va EEgg.

Gp’.

'Exv yoolov megiéyntar ¥mo $nrijg xal amo-
toutg devrépag, 1 T0 ywelov dvvaudvy péong
amoTout €6TL WQWTN.

Xwglov pag 10 AB meguexéodm vmd dqrig g
AT xal amorousjs devrégag tijg AA" iéyw, 6tv % T0
AB ywglov Svvaudvy uéong dmorour oTi mewry.

"Eete yag tf) Ad mgocaguofovee 1 AH' af Zgx
AH, HA ¢$yral elor dvvaps pdvov evuustoor, xel 1
mgoosaguofovoe 7 4H ovuueteds éote tff xxeipdvy
énti j AL, 7 0% 0An % AH vijg mgocaguotovens

* viig Hd peifoy 0vvator v¢p and cvupérgov Savrf) wijxss.

20

émel ovv ) AH vijg HdA psifov dvvaras t¢ dmod ovy-
uérgov favelj, dov dge TG TETAETO MEPEL TOD AmO THG
HA igov maga vy AH magepindf éAieimov &ide
TeTQayve, &g ovuuctoe avtyy diawgel.  rTeTpiede
ovw § JH dlye xeva to E* xal 165 dmo vijg EH leov
noge v 4 H nagepeBinodeo éAieimov cide terpaydve,

2. ON] NO e corr. V. &laww V, sed v del. 4. 76 4B
doa V.  b. nal za £Efig] nal dmoropdis meatng, 7 16 yweloy
dvvapévn dmorops domy Theon (BFVb). 8. wésn BFVb
et P, sed corr. m, 1. 11, 44] AB b; 6 A4 P, corr. m. 1,

12. 4B] corr. ex Ad V. péon BFD, et V, corr. m. 2.  14.
H4a] 4HF. dvvapévy V, corr. m. 2. 16. z7i¢] om. F,
17. H4] eras, V. Ante ovppéreov ras. 1 litt. V. 18,
AH] H in ras. V. tiig] corr. ex rj m. 2 V, 19. zov ]
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tionales sunt potentia tantum commensurabiles. quare
AN apotome est [prop. LXXIII]. et quadrata spatio
AB est aequalis. itaque recta spatio 4B aequalis
quadrata apotome est.

Ergo si spatium comprehenditur recta rationali,
et quae sequuntur.

XCIL

Si spatium recta rationali et apotome secunda com-
prehenditur, recta spatio aequalis quadrata mediae
apotome est prima.

Spatium enim 4B recta rationali 4I" et apotome
secunda 4 4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen primam esse.

nam A H rectae A4 congruens sit. itaque 4H,
H A rationales sunt potentia tantum commensurabiles

A 4 __E 2 g [prop. LXXIII], et congruens
A H rationali propositae A"

1..‘ x commensurabilis est, tota au-
tem AH quadrata excedit

4 congruentem HJ quadrato
> AR rectae sibi commensurabilis
3 longitudine [deff. tert. 2]. iam
quoniam AH? excedit HA?
quadrato rectae sibi commen-
surabilis, si { H4? aequale rectae 4H adplicatur spatium
figura quadrata deficiens, in partes commensurabiles
eam diuidit [prop. XVII]. iam 4H in puncto E in
duas partes aequales secetur. et quadrato EH?® aequale

R

P T M

6 b.  20. AH] He corr. V.  21. duedel Theon (BF VD).
Dein add. pijxee V. 22. 4H] ecorr.m.2 V. EH] @HP.
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xel é0tw ©O Vmo vov AZ, ZH- evpuergos oo dotlv
1 AZ vy ZH pijxe, ol 1 AH Goo éxavépn tov AZ,
ZH evpuctods fote wixst. gnry 08 7 AH xol devu-
uetgog tfj AL pijxes xol éxovépo dpa vav AZ, ZH

6 dnuva} éote xal dovuuergog tj AL wijxer Exdregov dou
taov AI, ZK péoov éoviv. maww, émel ovpueredg
éortv ) AE +fj EH, xol ) 4H &oe éxazépe vov AE,
EH oVpuergog éoviv. add’ 3 AH oevpuergds ot vj
AT winee [nry oo xol éxarépe tov AE, EH xal

10 ovppergog tff AT wixre]. éxdregov dga tiv 40, EK
¢nroy éoTuw.

Zvveavita ovv ve wdv AI [oov tergdymvov 1o
AM, v 6t ZK lgov dopenode 10 N5 meol znv
avTiy yoviev dv v AM Ty Omd tdy AOM: mepl

15 Y adry Goa éorl didustgov va AM, NE terpdymve.
dorw avtdv dicuergog 1 OP, xal xavayeypogpdm T
oyiue. émel ovw ta AI, ZK uéoa fetl xal dotwv loa
toig and 1év A0, ON, xal ta and vévy 40, ON
[doo] uwéoa éoviv: xel ol AO, ON Hga uéoor &lol

20 Ovvdpuer pudvoy ovupergor. xal émel T6 Vwo rdv AZ,
ZH teov éorl v and vii¢ EH, éouv dga o 7 AZ
npos vy EH, otrwg 7 EH meog thv ZH' ald’ g
ptv § AZ mpdg v EH, otrwg 0 AI medg 70 EK-
og 0t ) EH mpds vy ZH, otrwg [éori] 10 EK medg

25 70 ZK* vdv dga AI, ZK uéoov avidoyby derv 7o

1. devppergog b, sed corr. 2. Post prjxer add. xol dia
wov E, Z, H onuelov tjj AT moedilnlor fjz8@woey of E6, Z1I,
HK (corr. ex ZK V). xal émel ovupereds fomv 1 AZ v ZH
pixer b, V mg. m. 1, F mg., sed euan. 4. dox] om. FV. 6.
AIl mut. in 4Z F, 4Zb. ZHb, et e corr. F. foz/ BV,
comp. Fb. 7. 5§ 4H] H4F, 8, donu] m. 2 B. 9. {neng

— 10. pijxe] om., P. 9. JE, EH] E bis in ras. V. 10.
nal énarsgoy b, 11. 46zt PBYV, comp. Fb, 12. @] corr.
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rectae 4 H spatium adplicetur figura quadrata deficiens,
et sit 4Z >< ZH. itaque A4Z, ZH longitudine com-
mensurabiles sunt. itaque etiam 4 H utrique 42, ZH
longitudine commensurabilis est [prop. XV]. uerum
AH rationalis est et rectae AI" longitudine incom-
mensurabilis. itaque etiam utraque A4 Z, Z H rationalis
est et rectae 4 I longitudine incommensurabilis [prop.
XIII]. quare utrumque A4I, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH commensurabiles sunt,
etiam AH utrique 4E, EH commensurabilis est
[prop. XV].') uerum AH, AT longitudine commen-
surabiles sunt. ergo utrumque 46, EK rationale est.

iam construatur quadratum A4 M == A4I, et spatio
ZK aequale auferatur NE in eodem angulo 4OM
positum, quo 4M. itaque quadrata 4M, N5 circum
eandem diametrum posita sunt [VI, 26]. sit OP
eorum diametrus, et describatur figura [cfr. uol. I
p- 137 not.). iam quoniam 41, ZK media sunt et
Al = A40* ZK = ON?, etiam 40% ON? media sunt.
quare etiam 40, ON mediae sunt potentia tantum
commensurabiles. et quoniam A4Z><ZH == EH?, erit
[VL1114Z:EH=EH:ZH, uerum AZ: EH=AI:EK

1) Hoc promptius ex prop. VI concludi poterat; nam
AH=24E=2EH.

ex6V, w0 F. 14 8y v AM] e corr. F.  mij»] 76 P. uﬁvl
om. V. 15. 4oty doo V. 17. Post 4ot/ add. Theon: xa
ovppstox dilnlog (BFVb; in V post xaf ras. 1 litt.). ooy F.

19. &oo] om. P.  péear elol \?, sed corr.  4¢z{ PB, comp.
Fb. xel] corr. ex dv- V. af — 20. 6v-] mg. m. 2 V.

19. elo(] zloly Léyw dTinalP.  20. pdvov]eras. V.  ovpperec
V, corr. m. 2.  xal émwel] dmel yag P. 21, dorl] supra scr.
m.1F. &) corr. ex foov m. 1 F. 23. 4I] AHP. 24
%07(] om. P. 25, ZK] (alt.) Z corr. ex K m. 1 V.
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EK. éovi 0t xal vév AM, NE terpayoveov uésov
dvdioyov 16 MN* xai éovwv loov ©o putv AI ©$ AM,
70 02 ZK v) NE* xal 1o MN &oa loov éorl tc3 EK.
dAde ¢ pdv EK loov [éari] ©o 40, 7 68 MN icov
70 A5 Siov #ge 0 AK loov éatl vd TP X pvapove
nal t@ NJE. émel ovv 8Aov 0 4K lgov Zorl vTolg
AM, N5, aov vo 4K i6ov éetl 16 TP X yvouove
xel T NJE, Aoumov dge ©0 AB ioov éorl 6 TZ.
16 08¢ TX éo6ti 16 amd vijg AN' 70 ano vijg AN &oa
loov éorl v AB yweip 1 AN &ga dvverar vdo AB
yorplov.
Aéyw [09), dve 7 AN péong amorvous) éer. mpay.
'Emsl yop ¢nrév éove 10 EK xai éoniv loov T
AE, ¢nrov dpa devi vo AF, vovréer. O vmd THW
A0, ON, uéaov 0t 0eiydn ©0 N5 acvupergov dpa
dorl ©0 AF v¢ NE g 08 ©0 AF meos ©o N,
ovrag éariy 7 A0 meog ON' af 40, ON &g a6vu~
perool eloe unxer. af dooe A0, ON péoor elol dvvapse
udvov evpuergor gnrdv megiéyovoar’ 1 AN Goa uiong
amorour] éoTe mpaTy* xel dvvarar td AB ywelov.
‘H age 10 AB ywolov dvvauévy péons amoroun
dov. moadry” Omeg &0er dsika.
Gy’
‘Edv yoolov megiéynratl vad ¢nrijg xal dxo-
1. EK]EIF. NX&] MN F, sed corr. 8. ZK] corr. ex
KZm.1V. 4.vp]wd V. dovtJom.P. w6)ss V. “v6)we V.
toov éot{ Bb. 5. 7d] (prius) v Ve. 7. av] §v ¢.  dor/]
m 2F 8 TXZ]inras V. 9. w0 8t TZ éori] tovtéor: B.
10. ol P, 1:61;] 70 &,ut‘; i P; ﬂ‘J, éno tijg AN mg. m.
1b. 12 &7] om. péon PBFDb, uéons @, e corr. m. 2 V.,

foiv P.  18. 76 EX — 14. 76 A ] in ras. F. 13, Zouw
fori b.  Post loov add, 6 (z6 F) NM rovréors Fb, m. 2 V.,
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[VI,1] et [id] EH:ZH=EK:ZK. quare EX me-
dium est proportionale inter 4I, ZK. uerum etiam
MN medium est proportionale inter 4M, N5 [prop.
LIIl lemma). et 4I=AM, ZK = N5 quare etiam
MN=EK. verum 40=EK, A5=MN [I, 43].
quare AK="T1®X -} NJ. iam quoniam 4K = AM--Ng,
quorum JK =T®X - NJ, erit reliquum 4B— TZ.
gsed TX= AN® itaque AN®= 4B, ergo AN qua-
drata spatio 4B aequalis est.

Tam dico, 4N mediae esse apotomen primam.
nam quoniam EK rationale est, et EXK = 45, etiam
A rationale est, hoc est £/O>< ON. demonstranimus
autem, N5 medium esse [u. p. 282, 18}. quare A%,
N incommensurabilia sunt. est autem

AF: Ng= A0:0N
[VI, 1]. quare 40, ON longitudine incommensura-
biles sunt [prop. XI]. itaque 40, ON mediae sunt
potentia tantum commensurabiles spatium rationale
comprehendentes. itaque 4N media,e apotome est prima
[prop. LXXIV]. et est AN?*=

Ergo recta spatio 4B aequahs quadrata mediae
apotome est prima; quod erat demonstrandum.

XCIII.
Si spatium recta rationali et apotome tertia com-

16. dotiv P. 6 N5] m, 2 B. oBc 0¢] nal mg doa B.

17. éoziv] om. V ngos wiv FV.  doa — 18, pruer] dv-
mxuu elol guwov cvpp,szqoc in ras. V, mg. add. m. rec.: &ou
(.musz eloly awpystem o O dn’ adTdy TeTodymva 6VpusTO "
ai A0, ON éoa. 17. o‘vyyarpm F. 19. AN] ON b,
AHF. péon BFVb 21,  — 7o olov] om. @. 6‘vva]
in spatio 9 litt. F, péon BFb. 22 Omeg £de1 dsitae] comp.
P, om. BFVb.
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toutg telrng, B td ywelov dvvauivy piong
amotour €6t devréga.

Xoglov yag ©6 AB megueyéedm vwd dnrng vijg AT
xal amovouss Teltng thg AAd- Aéyw, v 9 6 AB
gwolov dvvauévy uéeng amovour] dore devtége.

"Egteo pag tfj A4 mgodeguofovea n AH' af AH,
HA4 dga ¢nral elor dvvduss udvov ovuucrgor, xal
ovdsréga tidv AH, HA 6Vpuctods éote pixer g éx-
xeupévy onry tij AL, 5 0% 0An § AH vijs meooaguo-
foveng viig AH psifov Ovweres T dmd ovuuirov
fovri]. émel otv 1§ AH vijg HA peitov dvverar 16
and ovupéroov favrf), dev Ggo TE TETdQTE uésL TO
and tig AH ileov mage v AH moagaPindy éiisimov
eldel Tevgaydve, &l 6vppsTon avrny diedsl. terwiode
ovw § 4H 8ya xava t6 E, xel v¢ dno vig EH ldov
naga v A H nagapefiijado éiieimov elde vergayaiveo,
xel 6t T Vn0 Tdv AZ, ZH. nal fjgfecay S tév
E, Z, H onuslov tf) AT negdlinios ol E®, 21, HK-
evppergor dee eloly af AZ, ZH* evupsrgov dgo xal
0 AI v ZK. xal énel ol AZ, ZH oVpyuergol cloc
urxee, xel 1 AH Goa fxarépq vdv AZ, ZH ovu-
perds dove wixse. gy 0% ) AH xal aevppergog
tj AT wijxer dove xal of AZ, ZH. éxdrsgov doe Ty

1. péon BFVb. 5. péen BFD, et V, corr. m. 2. doriv P.
9. -aguof-] in ras. V. 10, aavy,p,ergov b. 11, dmwel — 12.
éevrfj] punctis notat. V. 11, Hd4) 4H P. 12. zo] corr.
ex to m. 1 b, 14. diedei pajnes V. 15. 6] 6 . 8.
H] om. V. ZI) mut. in IZ V. 19. slotv] &l- o corr. L
20. gloww P. 28. Gore nal of AZ, ZH) mzl Euanou a(m
(supra scr. m. 1 V) zdv AZ, ZH 5171:11 4611 nal aedupereos Tj
AT piner* nal Theon (BFVb)
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prehenditur, recta spatio aequalis quadrata mediae
apotome est secunda.

Spatium enim 4B recta rationali AI" et apotome
tertia 44 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen esse secundam.

nam A4 H rectae 44 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,

4 4 _E z 4 et neutra rectarum 4 H, HA
rationali propositae 4I" lon-
gitudine commensurabilis est,

d B T % tota antem 4H congruentem
A N__ 0 A4 H excedit quadrato rectae
2 sibi commensurabilis [deff.

z Y’T &  tert. 3]. quoniam igitur 4 H?

excedit 4 H® quadrato rectae
sibi commensurabilis,si} 4 H?
r L Jn aequale rectae 4H adplicatur
spatium figura quadrata deficiens, in partes commen-
surabiles eam diuidet [prop. XVII]. iam 4H in E
in duas partes aequales secetur, et quadrato EH?
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, et sit 4Z >< ZH. et per puncta E, Z, H
rectae AI" parallelae ducantur E®, ZI, HK. itaque
AZ, ZH commensurabiles sunt. quare 41, ZK com-
mensurabilia sunt [VI, 1; prop. XI]. et quoniam AZ,
ZH longitudine commensurabiles sunt, etiam A4H
utrique 4Z, Z H longitudine commensurabilis est [prop.
XV]. uerum AH rationalis est et rectae AI" longi-
tudine incommensurabilis. quare etiam 4Z, Z H [prop.
XIH). itaque utrumque AI, ZK medium est [prop.
XX1. rursus quoniam AE, EH longitudine commen-

.
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AI, ZK uéoov éotlv. mdiw, émsl ovpperpds éotiv 4
AE vjj EH pine, xel 3 4H éoa énatépe tév AE,
EH ovpuctdg éove pajxer. dnry 0% v HA xel aovy-
pevgog tf; A wijxer: dnen doa xol éxatépe tédv AE,
EH xol aovppetgog v A pijxer éxdregov dge tdv
40, EK uédov éoriv. xal émel af AH, HA dvvdpe
ubvov evpusTeol s6iv, aovppergog oo fotl wixe 7
AH ©jj HA. &A% 5 udv AH ©ij AZ ovpuerpds dome
pijxer, 7 08 AH i EH' dovuuergog dou éoriv 1) AZ
) EH wixer. g 0t ) AZ medg v EH, otrwg éovi
70 AI meég 10 EK* aevpucrgov &oo éotl to AI
6 EK.

Zvvsordro otv v piv Al idov vergdymvov 7o
AM, v 0t ZK loov dgnoiode vo N5 xeol vy adripy
yoviev dv v AM: megl iy avtyy Gee didpeTeov
dot, 1o AM, NE. &ovw avrédv diaustgog 1) OP, xal
xorayeyodpdo 10 oyfjpe. énel oy 1o Vmd tdv AZ,
ZH ieov éoti vy and tiig EH, Eovwv dgo oog 7 AZ
ngog v EH, olrwg %y EH meog myv ZH. add’ dg
ptv 4 AZ meds v EH, ovrmg éorl 10 AI meog o
EK* &g 0t 9y EH modg v ZH, otrwg é6rl 10 EK
ndg 10 ZK* xal ag dga ©0 AI meog ©0 EK, otrws
60 EK mgdg ©v0 ZK* wov dga AI, ZK uéeov ava-
Aoyov éots ©0 EK. &omi 0} xal tdv AM, NE rerga-
yovoy pédov dviioyov 1o MN' xal éeniv loov To
utv AI v AM, v6 6 ZK ©¢ NE' xel v0 EK dga

1. doziv] ésr{ PBV, comp. Fb. dorwv) dore V. 8. pajmei]

om. B. 4H F, H4 ip ras. V., 4. ¢nrip — b. pijus] m.
2 B. 5. nal fxazegoy V. 6. EX] 6K P. docl BV,
comp. Fb. duvdpsic, ¢ euan,, V. 7. &lel odpperoor V.
dotiv V. pixe] om, V. 8. AH)] H in ras. V, deinde
add. pifxee m. 2. H4) 4H P, ¢ir’ — 9, 15j EH] mg.
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surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV; efr. p. 283 not.].
uerum H A rationalis est et rectae A4I" longitudine
incommensurabilis. quare etiam utraque JE, EH
rationalis est et rectae 4I" longitudine incommensu-
rabilis [prop. XIII]. itaque utrumque 46, EK medium
est [prop. XX]. et quoniam 4 H, HA potentia tantum
commensurabiles sunt, 4 H et HA longitudine incom-
mensurabiles sunt; werum A4 H, 4Z et 4H, EH lon-
gitudine commensurabiles sunt. quare 4Z, EH lon-
gitudine incommensurabiles sunt [prop. XIII]. est
autem AZ:EH = AI:EK [VI, 1}. ergo AI, EK
incommensurabilia sunt [prop. XI).

construatur igitur quadratum AM = 4I, et au-
feratur spatio ZK aequale N5 in eodem angulo po-
situm, quo AM. itaque AM, NJE circum eandem
diametrum posita sunt [VI, 26]. sit OP eorum dia-
metrus, et figura describatur [efr. wol. I p. 137 not.]. iam
quoniam est A Z><ZH=EH? erit AZ: EH=EH:ZH
[VL, 17]. est autem 4Z: EH = AI:EK [V] 1], et
EH:ZH=EK:ZK [id.]. quare etiam 4I: EK—=EK:ZK.
itaque EK medium est proportionale inter 41, ZK.
uerum etiam MN medium est proportionale inter qua-
drata 4AM, N5 [prop. LIII lemma]. et 4 = AM,

m.1P. 8 Post pév ras. 11itt. V. AZ pijmer V. édorw V.

9, pijxer] om. V.  doa] supra scr. m. 1 F. 10. AZ]
suprascr. 4 b, EH] inras. V.  11. 76] (pr.) 70 dwd tijs F.
76] v b, EK)] EA4 supra scr. K b, aovppstgoy — 12,
EK] om. P, 11 407l v¢] m. 2 F.  18. 7] corr. ex 6 m.
1 F.  zstgaydvow P, sed corr.  16. §v] supra scr. m. 1 F.

7®) 7o F. 17. vad] dndé b.  22. nal dg — 23. 76 ZK]
mg. m, 2 B, 23 7 ZK] ZK PB.

Euclides, edd. Heiherg et Menge. III. 19
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laov éotl 16 MN. aida t6 plv MN idov éotl v A5,
76 0¢ EK ldov [dotl] 1) 4@ xal Siov doe 16 4K
looy éotl v TPX yvopove xel v NE. ot 6% xal
10 AK loov voig AM, N5* Aoimdév &pa 0 AB leov
dori 19 ET, vovréon. v6 amd vijg AN reroaywve”
n AN &pa dVvarar 16 AB ywelov.

Aéyo, 61t § AN péong amorous] éore devrépa.

"Enel yop péoe €0sly®n v AI, ZK xal donv ioa
Tolg dmo tov A0, ON, péoov Goo xal ixdregov THV
ano rév A0, ON" uéen dgu éxavépa tov A0, ON.
xal émel evpuerody fore 1o AT v ZK, ovpusroov dow
xel ©0 dwo vijg A0 5 amd viig ON. malw, émel
acvupstoov €0slydn 1o AI v EK, aovppevoov Goo
dotl xal 10 AM v$ MN, rovréort to amd tijg A0
76 vwd tov 40, ON* dore xal 1 A0 dovupereds
éove prjxes 17, ON* af A0, ON oo péoar elol dv-
vaus. w(vov GUuueTgoL.

Aéyo 81, 8tv nal péoov megiéyovery.

Emel yag uéoov €0elydn v0 EK xai doviv ioov
16 vno tov A0, ON, uéoov doa forl xal ©o vmd
tov 40, ON* @ore af 40, ON péoar elol dvvdpe
pévov evuucrgor uéoov megiéygovoar. § AN doa péong
amoropr] dote devrépa” xal dvwara t6 AB ywelov.

‘H dga 10 AB ywelov dvvauévy péons dmorour]
éoty dsvrépa Omep &der dsifar.

1. 7] corr. ex 7 m. rec. P.  z¢] corr. ex zé m. rec. P.

2, A5] AR F. 6] corr. ex t¢ m.rec. P.  #61({] P, om.
BFVb. ~ ] corr. ex 7o m. rec. . Post 40 in b adp. :~,
deinde spatium 1 lin. uacat. 8. NX] mut. in NZ m. rec. B.
4. lsov] (prius) m. 2 FV. 6. AN] AMP; AN F, corr.
m 2. 6 AN] Aeras. V. 7. péon BFVL., {domuvP. 11.
evppereov) (prius) ovpuergog F. 12. z7s] corr. ex rav F.
Post 410 add. ON B et supra m, 1 P, zig] corr, ex
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ZK=NE. itaque etiam EK=MN. verum MN=A}5
[1, 48], EK = 46. quare etiam JK=TPX+4 N5
est autem etiam
AK =AM+ N5,

itaque reliquum 4B = Z T = AN?, ergo AN quadrata
spatio 4B aequalis est.

dico, 4N mediae apotomen esse secundam. nam
quoniam demonstranimus, AJI, ZK media esse, et
Al = A0%, ZK = ON&?, etiam utrumque 410% ON?
medium est. quare utraque 40, ON media est. et
quoniam 4I, ZK commensurabilia sunt [V], 1; prop.XI],
etiam 40% ON? commensurabilia sunt. rursus quon-
jam demonstrauimud} 4I et EK incommensurabilia
esse, etiam AM et MN, hoc est 40° et 4O><ON,
incommensurabilia sunt. quare etiam 40, ON lon-
gitudine incommensurabiles sunt [VI, 1; prop. XIJ.
ergo 40, ON mediae sunt potentia tantum commen-
gurabiles, iam dico, easdem spatium medium com-
prehendere. nam quoniam demonstranimus, E K medium
esse, et EK= AO0O><ON, etiam 40>< ON medium
est. quare 40, ON mediae sunt potentia tantum
commensurabiles medium comprehendentes. itaque 4N
mediae apotome est secunda [prop. LXXV]. et spatio
AB aequalis est quadrata.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est secunda; quod erat demonstrandum.

26y F. 14, doriv P. MN] NMP. 15 z¢) corr, ex 7o
m. 1 F, 16. elotv P. 18. msguéyovoar V. 19 yaq] om
Fb, m. 2 B. 20. péeoy — 21. ON (pnuz
ovusrpor .  ANbD.  péen BFVD, atw zmptow
om. Theon (BFVb). 24, uéen BFVb. 25 émep e deikor
comp. P, om. BFVb.

19*
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‘Eav yoeiov mepiéynrar vmd ¢nrig xal amwo-
TOUN g TETAQTNS, 9 10 ywolov dvvapuévy éAacowy
goriv.

Xwolov yap ©0 AB mepiexéedw vmo nrijg TS
AT xal dwovopudjg tevdgrng tijs AA* Aéyw, Ot ) 1o
AB ywgiov dvvauévy éiecdov éotiv.

"Eore yog tj AA meocsagudbovee 7 4H af dga
AH, HA gnrel slor dvvduer wovov 6vuuergol, xai 17
AH ovuuetgog éote vy Exnewudvy Omrf v AL pijxe,
7 0% 8An ) AH vijs mpocaguotovons tijc 4H peitov
dvverar 6 dwd dovuuroov fovrij wijxsr. émsl ovw
% AH vijg HA peitov dvvarel vé dmd dovuuérgov
Savri] wijxel, v Goe TG TETHETH WEQEL TOD AmO TG
AH icov mage vy AH moagafindy éileimov &lde
Tergaywvp, &l dovpucton adrny Ouedel.  TeTuiode
ovv ) 4H diye xera ©o E, xal v amo viig EH l6ov
neoa iy A H negefepricdeo ldsinov elde terpaysve,
xal &6rw 16 Vmo tdv AZ, Z H' devuusroog doe fotl
wixes § AZ vij ZH. #yPwcav oty die tov E, Z, H
negdAdnlot raig AT, B4 of E@, ZI, HK. énsl odv
¢nra) éotww ) AH xol ovpusrgog i A uijxer, dnrov
tpo éotly 6Aov T AK. malw, émel dovuuergds oLy
7 AH tfj AT wijxet, nol elowy dugpdrepar ¢nrel, uécoy
dpa ol 10 AK. madw, émel devpusteds doty 7 AZ
©fj ZH wijxe, devupcroor Goa xal to AI tp ZK.

2 tetaoTng dmotouijs V. 4, 6zt BV, comp. Fb. 5.
nzis tijs] corr, ex tig m. 2 F, nrijs V. 6. A4] 4B b,
d in ras. m. 1 B, 1] supra scr. P, 7. AB] om. Bb, m.
2 V. SAA]mut mABm 2F, 4B b. 11. 4HJ H4 V.
12. dvvapivn P. ovppéreov, B corr. m, 2. 15, looy]
uécoy . 16. dovuperoor P, odppevox b.  disdel unue V.
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XCIV.

Si spatium recta rationali et apotome quarta com-
prehenditur, recta spatio aequalis guadrata minor est.
Spatium enim 4B rationali 4I" et apotome guarta
A 4 comprehendatur. dico, rectam spatio 4 B aequalem
quadratam minorem esse.
sit enim A H rectae 44 congruens. itaque 4H,
H A rationales sunt potentia tantum commensurabiles,
y 4 et 4 H rationali propositae
i AT longitudine commensu-
rabilis est, tota autem A4 H
quadrata congruentem AH
excedit quadrato rectae sibi

4‘; longitudine incommensura-

z ——YJ bilis [deff. tert. 4]. iam quon-
/,/ : iam AH? excedit H4® qua-
drato rectae sibi longitudine

pF——71 ¥ incommensurabilis, si 4 H?
aequale rectae 4 H adplicetur spatium figura guadrata
deficiens, in partes incommensurabiles eam diuidet [prop.
XVIII]. 4H igitur in E in duas partes aequales se-
cetur, et quadrato EH? aequale rectae 4 H adplicetur
spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH incommensurabiles sunt. iam per E,
Z, H rectis AI', B4 parallelae ducantur E®, ZI,
HK. quoniam igitur 4 H rationalis est et rectae AI"
longitudine commensurabilis, 4K rationale est. rursus

r

|
!
B

17.EH]JEecorr. V. 19.20tiv PV. 20 unxetjom.V, ZH]
HZ F. a@ P, E,2) Z, E PFb, in ras. m. 2 B. 21,
BAd) eras. V, I'Bb.  23. 6lov] supra scr. m. 1 b.  B2.
douly P.  26. dovpperoor] d- del. F.  &ge Zotl F.

P
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cvvestdTo ovv 1 udv AI loov terpdywvov o AM,
tp 0t ZK loov appefode megl v aviyy poviev
v vnd tév AOM 1t NJE. mepl tw avryw doa dud-
pergov éort & AM, NE zerpdyove. £0te avtodv
diducroog 7 OP, xal xavapeyodgdn to Oyfjpe. émel
ovv 706 vwo tov AZ, ZH loov é6tl ve and vijs EH,
avdloyov dga éotiv wg ) AZ mgog v EH, ovrwg
n EH mpog vy ZH. &id’ og utv §§ AZ mgog wv
EH, ottwg doti t0 AI meds ©60 EK, wg 0t v EH
mpog v ZH, otrag forl 10 EK moog ©0 ZK' tov
doe AI, ZK péoov avdloyov dor 16 EK. Eoru Ok
xel Ty AM, N5 rerpayodvov uésov dvdlopov vo MN,
noi oty loov to uiv AI 3 AM, v6 6t ZK v N5-
xel 10 EK doa igov dorl vg MN. dihe e ptv EK
toov orl 10 4@, vg 08 MN loov forl 10 A5 Siov
dga 1o 4K loov éotl 19 PPX pvapove xel 1o NJE.
énsl ovv SAov ©6 AK leov dotl rois AM, N5 vevoo-
yovorg, dv 10 AK ldoy éotl th TDX pvaduove xel
19 NJE terpayive, Aomov dee vo AB leov fovi tgp
ZT, rovréont 63 and tijs AN vergayave' 3 AN dou
d0vvarar 6 AB ywgiov.
Aéya, 6te 7 AN &Aoydg dotwv 7 xedovudvy éhdeoa.
‘Ensl pag dqrov ot 10 AK nal éomv idov roig
ano tév 40, ON revgdpmvoig, 10 doa cuyxslusvov
éx vav and tov 40, ON ¢yrév dorwv. mdiw, émel
10 4K uéoov dovlv, xal dovww loov 160 AK 16 dig
6 vy 40, ON, 16 dga dlg Umd vy A0, ON péoov
2. Post ZX ras. 1 litt. F. 8. zé»] om. BFV. AON
@ et supra scr. M, b. 6] e corr.m.rec.b. 4. dort] £loc P.
5. 7] m. reec. P. 1. AZ] AH, supra scr. Z, b.” ]

om. P. 8. A4Z] Z in ras. F.' 9. ovtmg] oBrag 2oly nEH
ngog my ZH' dir’ og uiv 17 AZ meodg ‘”2‘” EH, odtmg b,
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quoniam A H, AT longitudine incommensurabiles sunt,
et utraque rationalis est, 4K medium est [prop. XXI).
rursus quoniam 4Z, ZH longitudine incommensura-
biles sunt, 41 et ZK incommensurabilia sunt [VI, 1;
prop. XI]. iam construatur quadratum 4M=AI, et
spatio ZK aequale auferatur N5 in eodem angulo
positum A4OM. itaque quadrata AM, N5 circum
eandem diametrum posita sunt [VI, 26]. sit OP
eorum diametrus, et describatur figura [efr. wol. I
p- 137 not]. iam quoniam A4Z >< ZH = EHZ, erit
AZ:EH=EH:ZH [VI, 17]. est autem 4Z: EH
= AI:EK, EH:ZH = EK:ZK [VI, 1]. quare EK
medium est proportionale inter 41, ZK. uwerum etiam
MN medium est proportionale inter quadrata 4,
N5 [prop. LIII lemma], et 4T =AM, ZK = NZ,.
quare etiam EK = MN. verum 40 =EK, A5=MN
(I, 43). itaque 4K = PPX - NJE iam quoniam
est AK=AM 4 N5, quorum 4K=T®X-+| NJ,
erit AB=2XT= AN ergo AN quadrata spatio
AB aequalis est.

dico, AN irrationalem esse minorem, quae uocatur,
nam quoniam A K rationale est, et 4K = 40% -} ON?,
A4 0%+ ON? rationale est. rursus quoniam 4K medium
est, et JK=240><ON, 2 40><ON medium est.

dov/] om. V.  AI] supra ser. I'b.  EH] E e corm. K,
ras. 2 litt. V. 10. fov{] om. V. 11, &gz P. 12. ze-
teayovor] om, V. 18, AI] AP, NE] Ninras. V. 14,
ooy d6tl] doriw lsov F, toov V. 1] (alt.) 76 corr. in zév (?) V.

15. éot{] om. V. 6] 6 V. @4 B. 7] corr. ex
tm 1V, z P. dot/] om. V. 6] = P. 20. ve-
Teeywye] om. V. 22, AH F.  dwdloyos Fb.  24. zév]
0% P. ~25. ON zergaywvov V. dore BVb, comp. F.  26.
toriv] comp. F, Zec/ PBVb. 16 4K]om. V. zg] ecorr. V.
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dotlyv. wal émel aevuppergov €0elydn to AI v LK,
dovupsTgov doa xal To and i A0 rergaywvov TG
ano vijg ON tergaydve. «f A0, ON &oo Ovvdus
sloly devupergor mwoLovoaL TO utv Gvyxelpsvov x THY
5 an’ evT@Y TET@RyBVeY ORTév, 1o 0% dlg Un’ avrdy
uéaov. 1) AN o &Aoydg oty 1) xedovusvy éhacowy:
xal dvvarow 10 AB ywelov.
‘H dga 70 AB ywelov dvvauévy éAdecwv Zeriv’
Omep &0s dcikan.

’

10 Gs.

'Eav yoglov megiéynrar vmd $nTijs xal dmo-
roudg néumrng, 1 16 ywelov Svvauivy [4] psra
7oV uéeov 16 0Aov morovew daTiv.

Xwglov yap 10 AB megueyiodo vmd $nrijg TS

15 AT xel dmovousjs méumrng vijg AA* Aéyw, St % ©0
AB ywglov Svvaudvy (1] pere ¢yrov uéeov 16 SAov
moLovac £6TLv.

"Eotw pog v Ad mgodaguctoven n AH* of doa
AH, HA $nral elow dvvduer pdvov vpustgor, xel 3

20 woooaoudloven 3 HA evuuerods é6ti wines i) éxnst-
uévy énrf; ©ff AL, 5 0% Ay  AH vijg mpoceguo-
fovong tiig AH peifov Ovvetar Té amd dovuuéroov
favrl. éav &po T TeragTe wioer tob dmd vijg JH
loov mage ty AH magafindf éAAeimov &idst vergo-

1. dot BVD, comp. F: 2, gdppereor B, corr.m. 2.  dox
dott V. reredywvov] om. V. 3. ecdpueveol slow dvviper V,
deinde del. m. 2: dux 0 devregov eddonua tov fifllov. 6.
AH F. dvdioyog P, sed corr. 7. AB] B corr.ex I’ m. 2 P

8. ot/ B. 9. 8mep #3021 Seiton] comp. P, om. BFVh. 12
7] (alt.) om. FVb, m. 2 B, 13, éori BV, comp. Fb. 16.
4] om. FVb, m. 2 B. 20. HA4] in ras. m. 1 by 4H P.

piine] om. V. 21, AT pijxer V. 22, ovppéreov B, corr. m, 2.
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et quoniam demonstranimus, 4I et ZK incommensu-
rabilia esse, etiam 402 ON? incommensurabilia sunt.
itaque 40, ON potentia incommensurabiles sunt ef-
ficientes summam quadratorum rationalem, duplum
autem rectangulum medium. quare AN irrationalis est
minor, quae uocatur [prop. LXXVI]. et 4N?=_4B.

Ergo recta spatio 4B aequalis quadrata minor
est; quod erat demonstrandum.

XCV.

Si spatium recta rationali et apotome quinta com-
prehenditur, recta spatio aequalis quadrata recta est
cum rationali totum medium efficiens.

Spatium enim 4B recta rationali 4I" et apotome
quinta 44 comprehendatur. dico, rectam spatio 4B
aequalem quadratam rectam esse cum rationali totum
medium efficientem.

nam AH rectae 44 congruens sit. itaque AH,
H A4 rationales sunt potentia tantum commensurabiles,

4 4 E Z . et congruens HA rationali
propositae 4 I" longitudine

r \ 1 \K commensurabilis est, tota au-
B 6 I tem 4 H quadrata excedit

4 ¥ 0 congruentem A4 H quadrato

o rectae sibi incommensurabilis

. S | [deff tert. 5). itaque si § 4H®

Y % &S aequale rectae A4 H adplicatur

spatium figura quadrata de-

P r iy  ficiens, in partes incommen-

surabiles eam diuidet [prop.
XVIII). 4H igitur in puncto E in duas partes aequales
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yave, &g dovuperon avTyy Oiedsl. TeTwriode odv 7
AH dlyec xove 6 E onuetov, xal t¢ dnd vig EH
loov wage iy AH mepafefriode éldsimov slder ve-
roaydve xol é6tw t0 Tno vdv AZ, ZH' dovppergog
doa dotlv ) AZ vij ZH piue. xal émel aevuperols
éoviv § AH vij T'A wixe, nel elow aupdregar gnral,
uéeov doo édoti t0 AK. mdhw, dmel gy éoriv 7
AH nal ovppergos tj A winel, dyqrov éore 1o AK.
ovvestdre ot e udv AI idov rergdyovov 16 AM,
6 08 ZK loov verpayovoy agngiode to NE megl
Y oty yoviey v vmo AOM: mepl v adriv
doo Owtuergdv fote e AM, NE verodyove. Iote
adrdy Ouducroog 1) OP, xal xavaysyodpdo o ayfjua.
ouolmg 7 deltouev, 6ve ) AN dvvarar v6 AB ymelov.

Aéyo, Ove § AN 3 pera ¢nrov uésov o GAov
moovad oTi.

’Emel pog uéoov €delydn 10 AK xal lovw loov
Tolg amd v A0, ON, 76 &po cvyxslusvov éx Tody
and tov A0, ON uéaov Zotlv. mdhw, émel ¢yrdv
éots 10 AK noal éovv loov 1§ dlg vmo rdv 40, ON,
xel avtd gurdv ferwv. xol dmel devupevodv éom 1o
Al v ZK, dovupergov Gga éoti xel v0 amd tig AO
t6 ano viig ON* af 40, ON oo dvvdust eloly dovp-
pETQOL ToLoT6aL TO udv Gvyxelusvov éx TOY AT avTGY
TeTpaydvoy pédov, to 0t dlg vx avrév gyrov. 1
Aoumy) doo 1 AN é&Aoyos dorv 7 xadovuévy peta

1. Post duedei del. pmm V. 8. AH) He corr. m.1 V,

4. 76] corr. ex g P. 7jj] supra scr. m. 1 b. Post
uixee add. el 7gdwoay 6m tév E, Z, H ) AT (4 b) magad-
into: of EO, ZI, HK b, mg. FV. 6. T'4] in ras. V, AT P.
8. Ante gdupetgog ras. 1 itt. V.  dea 267/ Vb, m. 2 F 9.
dovdto b, form V.  10. reredywvor] supra scr. F. N &
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secetur, et quadrato EH® aequale rectae 4H adplicetur
spatium figura quadrata deficiens et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
et quoniam 4 H, I'4 longitudine incommensurabiles,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam A4 H rationalis est et rectae 4I" lon-
gitudine commensurabilis, 4K rationale est [prop.
XIX]. construatur igitur quadratum AM = AI, et
spatio ZK aequale auferatur quadratum NJ5 in eodem
angulo 4OM positum. itaque quadrata AM, N5
circum eandem diametrum posita sunt [VI, 26]. sit'
OP eorum diametrus, et describatur figura [uol. I
p- 137 not.). eodem igitur modo demonstrabimus,
esse AN*= AB.

dico, 4N rectam esse cum rationali totum medium
efficientem. quoniam enim denionstrauimus, 4K me-
dium esse, et A K = 40?4+ ON2, 40?4 ON® medium
est. rursus quoniam A K rationale est, et

AK =240> ON,

hoc et ipsum rationale est. et quoniam AI, ZK in-
commensurabilia sunt, etiam 40% ON? incommensu-
rabilia sunt. quare 40, ON potentia incommensu-
rabiles sunt efficientes summam quadratorum mediam,
duplum autem rectangulum rationale. itaque reliqua

om. Theon (BFVb). 11, 9mo zé» BFb. A0OM zo N5
(ME @) Theon (BFVb). 12, éori] eloe inras. m. 2V, 1z«
inras. m. 2 V. AM] Ainras. m 2 V. 18, ovyxsluevoy
om. V. 19. 6t¢ BV, comp. Fb. 21. evzd] o dlg doa Hmd
tév A0, ON Theon (BFVb). Z6ze PBV, comp. Fb. 22.
4I] mub. in AEm. 2 F, 4E b. 23. ON] (prius) e corr. V,

26. 7] om, B.  26. xalovuéwn] xe- supra scr. m. 1 b. 5
perd b
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¢nTov uédov 1d Glov mowovow xal dvverar to AB
yoelov.

‘H 10 AB dga ywelov Svvapdvy pere fnrov uécov
10 OAov mowoved Zotiv' Omeoe E0s delfar.

’

Gs .

'Edv ymolov megiéynrar vmod ¢nrijs xal amwo-

Toutg Extng, N 10 ywelov vvaudvy pera uidov.
‘uéedov vo 0Aov morovod faTiv.
. Xwolov yag to AB megiexéodm vmod ¢nriig tijg AT
nol dmorousis fxtmg tig AA* Adyw, St % To AB
gwelov dvvaudvy [4] pere uéoov uédov T6 GAov morovow
éoTiv.

"Eorw pag t)j AA mgosagudfovea § AH* al doo
AH, HA4 ¢yrel eloe dvvdus, pdvov evpustoor, xeul
ovderége alrdy ovueTods dote tf) dxxeudvy gy TH
AL wixer, % 0% 0An 5 AH vijg mposaguofovong Tis
AH peifov dvvatar tj) dnd dovuudroov favry et
énel odv 1) AH viig HA ysitov dvvarer v¢ dmo devy-
pérgov fovry] uixer, kv fga TH Terdere uéger Tov
and viig AH iloov nage v AH napafindy éAAsimov
&lder TeToaywve, slg doduperon adryy dishel. Teuriodo
ot | AH 0iye xate vd E [onueiov], xel v6 dno tijs
EH [6ov waga v AH magafsflijeden éiisimov side

3. doe 10 AB V. doa] om. PB, m. 2 F. qooloy
dou B, 4, Gmeg £0e1 deifor] comp. P, om. BFVD, 6.
ow’ P, 8, éors BV, comp.Fb, 9. 4B] 4ABI'P. 10. &xys
Tijg] corr. ex &xrxns m. rec, P. 11. 7] om. BFVb. 14.
»al ovderéoa] in ras. F. 15. avidv] tovy AH, Hd BV, e
corr. F. 16, z7jg] (alt.) e F.  17. ovupéreov P.  favrod F.

18. émwel — 19. prmet] mg. m. 2 B. 19, favris B, fovrod F.
tot] =g b.  20. AH] 4H B. meeafdiopsy B, moon-




ELEMENTORUM LIBER X. 301

AN irrationalis est cum rationali totum medium ef-
ficiens, quae uocatur [prop. LXXVII}. et /N?= 4B.
Ergo recta spatio 4B aequalis quadrata recta cum
rationali totum medium efficiens est; quod erat de-
monstrandum.
XCVL

Si spatium recta rationali et sexta apotome com-
prehenditur, recta spatio aequalis quadrata recta est
cum medio totum medium efficiens.

Spatium enim 4B rationali 4I" et sexta apotome
A4 comprehendatur. dico, rectam spatio 4 B aequalem
quadratam rectam esse cum medio totum medium
efficientem.

nam AH rectae 44 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,
4 d E Z H et neutra earum rationali pro-
positae AI" longitudine com- .
mensurabilis est, tota autem

|
|
r B ® TK

AH congruentem 4H quadrata
4 A 0 excedit quadrato rectae sibi
2 longitudine incommensurabilis
z v 779  [deff tert. 6]. iam quoniam
X AH? excedit HA* quadrato
o | rectae sibi incommensurabilis

P M

longitudine, si 1 #H® aequale
rectae 4H adplicatur spatium figura quadrata deficiens,
in partes incommensurabiles eam diuidet [prop. X VIII].
A4H igitur in puncto E in duas partes aequales se-
cetur, et quadrato EH*® aequale rectae 4H adplicetur

Barlcuevoy F, meoafdilousy Vb, 22, onueior] om. P. 16
w0 F. 23, loov] om. V. 6oy élisimor V
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rergaymye, xal 01m 10 Und 1ev AZ, ZH' dovupueroos
doo éovlv ) AZ vjj ZH pijxe. og 08  AZ 7gog
v ZH, otrwg éotl t0 AI medg 10 ZK* aovupusrooy
doe éotl 10 AI v¢ ZK. noi émel of AH, AT grrei
b &lor dvvdper udvov ovupusrgor, péoov éori o AK.
wilv, émel of AT, AH §nral elor xal aovupcrool
prjxe, péoov €otl xel 10 AK. émel odv el AH, HA
dvvdues pdvov 6VpueTQol eloLy, aovuusroog doa fotly
n AH 5 HA wijxer. g 0t 7§ AH medg v Hd,

10 ovtwg foti 10 AK moog 10 KA* dovuusrgov doa
éorl 160 AK v KA. ovveordro ovv 16 udv Al
loov zergaywvov 10 AM, v 0% ZK loov appeiode
mepl v vy poviay 10 N5 megl tqv adriy dou
dieperody éove ta AM, NE rerpayove. fotw avray

15 didpergog 7, O P, xal xatayeypdpdm 10 oyfjue. duolog
o7 rolg émdve delbopsv, 61t | AN dvvarar 1o AB
ywolov.

Aéyo, 8v 7 AN [7] pera péoov uéoov 76 Olov
motovee EeTiv.

20 'Emsl pag upéoov #0elydn 10 AK xei éomiv lgov
roig amc v A0, ON, 10 dga ovyxelusvov éx Tév
and tov A0, ON uéoov éotlv. mdhw, émel uéoov
8delydn ©0 AK ol dovwv lgov 1 dlg Tmd tav A0,
ON, xal 76 dlg vmo vév A0, ON uéoov éetiv. xal

25 dmel aovppstoov E0elydn ©0 AK 16 AK, devppueroe
[dga] dotl %l e amd vdv A0, ON rerpdyova T
dlg vwd v 40, ON. =xal émel dovppsrody 6w Td

1. dovppsrgoy P, corr. m. 1. 2. ZH] HZ F. 8. 4I]
dnd AIF. 4 dottv P. AI] corr. ex AT m, rec. P.  b.
AK] corr. ex 4K m. rec. P. 6. maltvy — 7. 4K] om. P.

10. Kd4] 4KV. 11. Kd] corr.ex 4K V. 12, dpperjcdo
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spatium figura quadrata déficiens, et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
est autem 4Z:ZH = AI:ZK [V], 1]. itaque A1,
Z K incommensurabilia sunt [prop. XI]. et quoniam
AH, AT rationales sunt potentia tantum commensu-
rabiles, 4K medium est [prop. XXI]. rursus quoniam
AT, A4H rationales sunt et longitudine incommensu-
rabiles, etiam 4K medium est [id.]. quoniam igitur
AH, H4 potentia tantum commensurabiles sunt, 4H
et HA loogitudine incommensurabiles sunt. est autem
AH:HAd = AK:Kd4 [V], 1]. itaque 4K, K4 in-
commensurabilia sunt [prop. XI]. construatur igitur
quadratum 4 M= A1, et spatio ZK aequale auferatur
N5 in eodem angulo positum. itaque quadrata 4M,
N5 circam eandem diametrum posita sunt [VI, 26].
sit OP eorum diametrus, et describatur figura [uol. I
p. 137 not.]. eodem igitur modo, quo supra, demon-
strabimus, esse 4N? = A4B.

dico, AN rectam esse cum medio totum medium
efficientem. nam quoniam demonstrauimus, 4K me-
dium esse, et A K= A40°*4 ON?, 40°*4 ON? medium
est. rursus quoniam demonstrauimus 4K medium esse,
et 4K=240> ON, etiam 2 40 >< ON medium
"est. et quoniam demonstranimus, 4K et 4K incom-
mensurabilia esse, etjam 40° 4 ON? et 2 40<ON
incommensurabilia sunt. et quoniam 41, ZK incom-

to N5 V. 13, msel — ywrlav] om, Fb, mg. m.2B. minfw]
(prius) adeiy iy om0 AOM V. 6 NE]om. V. 14, éone
gloe V.  teredyove) om, V. 16, dvvaroer — 18. AN] mg.
m 2 V. 18. %] (alt.) om. P. 20. foov] m. 2 F. = 22
26t/ PBVD, comp. F. = 24. d6t/ PBV, comp. Fb. 26. cec]
om. BFVb.
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AI 16 ZK, dovpperpov dpo xal 16 dmo vijg A0 6
amd viig ON' of A0, ON é&ga dvvdpse eloly aovp-
LETQOL TOLODGXL TG T& Guyxelpevov éx TGV Gn obTOY
rergoydveoy uédov xal o Olg U’ avrdv pfeov Eru e
76 4N aUTOY TETPHYYE AOVuuETOR TG Olg U avTdY.
7 dpa AN dhoyds oty m xedovudvy mere piGov
uéaov 6 0Aov motovee xal dvwarar 16 4B ywelov.

‘H dga ©0 ywelov Ovvaudvy psre uésov uééov 10
8Aov mowovoa éoriv: Omep Ede dcitau.

af'.

To amd amotouss mags ¢ntyv magafaili-
pEVOV WAATOG TOLEL AWOTOUNY HQWBTYY.

"E6tw dmovouy % AB, ¢nry 0t 9 I'd, xal 16 dno
tiig AB l6ov maga vy I'd moegefefiicdw 7o I'E
widrog morotw iy I'Z* Aéyw, 8tw % I'Z dmorour] éotu
TowTY).

"Eetew pag tf) AB moocagudtovon 1) BH' of &ou
AH, HB {yrai slor dvvdpse udvov ovupergor. xel
T6 piv and vijg AH ldov magpa iy I'd magafefinede
6 I'®, v¢ 0% and vijg BH 160 KA. 8iov doo vo I'4
loov éarl vois dwd tv AH, HB' &v to I'E igov
datl ©® amd vijg AB' Aoumdy e vd Z A isov fari
v dlg Uno vdv AH, HB. terwijode n ZM i
xete ©0 N onueiov, xol 1jyd@ iz vov N < I'd
noepaddmios 7 NE'  éndregov dpa tov 2.5, AN
loov éotl tv¢) vmd tov AH, HB. xol émel ta dmo

2. ON] (prius) NOP. 3. 15] wuévy BEVb.  cvyxelpevor)
m. 2 V. 4 xaf] ins. m.1 V. “#r) e-in ras. V. 6. AN]
corr. ex AN B, 7. motovooe . 8. zmp{ov] AB BFb, 4B
qoeloy V, 9. 8meg #0er deifou] : v P. 11. ¢=é] om. b.
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mensurabilia sunt, etiam 40?% O N? incommensurabilia
sunt. itaque 40, ON potentia incommensurabiles
sunt efficientes summam quadratorum mediam et duplum
rectangulum medium et praeterea quadrata et duplum
rectangulum incommensurabilia. itaque 4N irrationalis
est cum medio totum medium efficiens, quae uocatur
[prop. LXXVIII]. et AN?*= 4B.

Ergo recta spatio illo aequalis quadrata recta est
cum medio totum medium efficiens; quod erat demon-
strandum.

XCVIL

Quadratum apotomes rectae rationali adplicatum
latitudinem efficit apotomen primam.

Sit 4B apotome, I'4 autem rationalis, et quadrato
AB? aequale rectae I'4 adplicetur I'E latitudinem
efficiens I'Z, dico, I'Z primam esse apotomen.

4 B H nam BH rectae 4B congruens
—_ sit. itaque 4 H, H B rationales sunt
r Z_NK M potentia tantum commensurabiles

(I [prop. LXXIII]. et rectae I'4 ad-
| plicetur '@ — A4H® K A — BH?.
4 E &8 4 iaque totum I'4 = 4H® 4+ HB".
quorum 'E=4 B2, itaque reliquum Z4 =2 A4H><HB
{II, 7]. iam ZM in puncto N in duas partes aequales
gecetur, et per N rectae I'd parallela ducatur NJ.
itaque Z 5 = AN = AH>< HB. et quoniam 4H*-{- HB*

12. mosi P, corr. m. 1. 17. 4B] Bin ras. V. BH] HB

ecorr. V. 19. AH] corr. ex Ad m, 1 F. 22 ZA) AZ P.
23. tév] om. P. 256. ZX] EZF. AN]corr.ex NA V.
26. ©6 dnaf omwo V.

Euclides, edd. Heiberg et Meonge. IIT. 20
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16v AH, HB §qre éotuv, xel éoti voig amd tov AH,
HB i6ov 10 dM, ¢qrov dga dotl 16 AM. nal waga
¢ty v I'd megafépfiyrar mwAdrog mototy tqv I'M:
¢y dow dotiv ) I'M xal ovupergog tf; I'd pajue.
nady, énel puéoov dotl 16 Olg vmo rov AH, HB, xoi
16 dlg Umo tov AH, HB isov v Z A, péeov &oa 1o
Z A. xal mage gyryy 1y I'd wapaxstor mAdrog moroty
wmy ZM* §nri &pu éotly ) ZM xal dovupscrgos i
T4 wpixee. xal énel vé pv and rov AH, HB ¢nre
éot, 10 0t dlg vmd rév AH, HB pédov, aovupusron
&oa foti ta amd tév AH, HB 16 8l vno rov AH,
HB. xai voig ulv dand rév AH, HB loov éori 10
I'4, v 0t dlg vnd tav AH, HB 6 Z A" devuperoov
doo éotl 10 AM 16 Z.A4. &g 0% t6 AM m@og o
Z 4, otwwg dotlv ) I'M meds iy ZM. dovuuerpos
doo éotlv ) I'M tfj ZM mijxer. xol slow Gugdreoat
$nral ol Gpa T'M, MZ {¢nral elov dvvdause uévov
ovupsrgors ) I'Z &pa dmorour éotuv.

Aéyo 07, v xal mwodir.

’Emel pap tdv amd rov AH, HB uééov dvdioyov
dote v6 Um0 v AH, HB, xal éove 16 plv amd rig
AH i6ov vo I'®, 16 0t énd vijg BH ioov vo K 4,
7¢p 0% vmd rov AH, HB ©0 NA, xol tvov I'O, KA
doo péoov avdloyov éori 16 NA~ ¥onwv dpe dg 10
I'® mpdg 16 NA, otrwg 160 NA meog 16 KA. add’
&g utv 16 I'O mpdz 16 N A, ovrag éotlv 9 T'K mpds

1. énr¢ — 2. HB]l mg. m. 2 B, 1. dorv] d6v. PBVD,
comp. F.  xal dore toig) roig 8¢ V. 3. mapaxerzrar Theon
(BF Vb); wapapépinros supra add. m. 2 B, 6. @] corr. €x
w6 FV. 8. Zotly] dorl el F. nal dovppsteos] bis b, 10.
d6te BV, comp. b, elot F? péoa P, et F, corr. m. 1. 11,
éoa] om. B. ~ Zoziv P. 12. xal} nel e BFVL,  éorl]
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rationale est, et 4 M = A H? -+ HRB? AM rationale
est. et rectae rationali I'4 adplicatum est latitudinem
efficiens I'M. itaque I'M rationalis est et rectae I'd
longitudine commensurabilis [prop. XX]. rursus quon-
jam medium est 2 AH><HB, et ZA=2 AH><HB,
Z 4 medium est. et rectae rationali I'4 adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'J longitudine incommensurabilis [prop.
XXII]. et quoniam 4H?®-- HB? rationale est,2 AH>< HB
autem medium, 4 H? 4 HB? et 2 4H >< HB incom-
mensurabilia sunt. et
I'd= 4AH® 4 HB? ZA=2A4H > HB.
itaque 4 M, ZA incommensurabilia sunt. est autem
AM:ZA=TM:ZM [VI, 1]. itaque 'M, ZM
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque I'M, MZ rationales sunt
potentia tantum commensurabiles. ergo I'Z apotome
est [prop. LXXIII].
iam dico, eandem primam esse. quoniam enim
AH >< HB medium est proportionale inter 4 H? et
HB? [prop. XXI lemma), et I'® = 4H*?, K4 = BH?
NA = AH > HB, erit etiam N4 medium propor-
tionale inter I'@, K 4. quare '@: NA = NA:K 4.
est autem I'@: NA=IK:NM et NA:KA=NM:KM
[VL, 1]. itaque TK>< KM= MN?®[VL, 17] =1 ZM?®.
om. BFVb. 13. HB] corr. ex AB m. 1 b, HB fgov V. 15.
tiv] om.B. 18. {6t BVD, comp. F.  21. der:] (alt.) douuv P,
to] corr.ex 6 m. 1F.  22. z 8% 9mé t6v A H, HB fsov 16
NA, v 8 and vij¢ BH isov 0 KA nai ntk. Theon (BF V).
24, NA4] e corr. V. foriy — 2b. meos 16 NA] mg. m.
1P 25 NAj corr. ex AN V.  ottws — 26. N4] mg.

m. 2B, 26 Nd] corr. ex AN V. éorivy] m. 2 F. 7]
ras. 1 litt. b.

20%



10

20

26

308 ZTOIXEIQN ¢

iy NM' &g 0% ©0 NA meds ©v6 KA, ovrwg éotly
7 NM mpég v KM* ©6 &pa vnd rov I'K, KM
loov ol © and vijs NM, rovréer. t6 tevdgre pioe
100 anl tviig ZM. =xol dmel ovppergdy éove 1O dmO
vijg AH 16 and vijg HB, evpperodv [dov] xed zo6 I'O
9 KA. g 0% v0 '@ meog ©0 KA, obrwg 5 'K
moog Ty KM' oevdpusroog dga dorlv ) T'K 5 KM.
énel ovv 0vo s0Bsioaw dvicol slow of T'M, MZ, xai
T TevdQTe pége tod amd tig ZM lGov mage T
I'M mageféfinror éAsimov &lde revowywve To VO
rov 'K, KM, el dove ovpuergos vy 'K i KM,
n &ge T'M tijg MZ psifov dvvarar 76 amd cvuuérgov
fqvry) wijxet. ol éoviv 7 I'M ovpuergog i) éxxsiuévy
énryi v I'd winer v doa I'Z dmorous] éove mgarrn.
To dga amd dmoroudjc maga $yriv wepuParidusvoy
mAdrog motel dmoTouny moawrTnv* Omep é0e Ocifau.

ay'.

To amd péong amorouijs medTng mega $RTRY
nagafaiiopsvov mAdrog mouel dmorounv dEv-
tépaw.

"Eorw uéong amotouy mewty 5 AB, ¢y 0t § I'd,
xel T6 ano vig AB lgov mega iy I'd magefefiicdo
10 T'E mhdrog mototv tw I'Z* Aéyw, 8v  T'Z émo-
Tops] dore devrépa.

"Eoto yee vij AB mpocaguofovoe § BH' «f &pa
AH, HB péoer &lol Ovvapst uovov ovuupergor ¢nrov
megLégovont. xel TG udv &md vig AH loov megs Ty

1. ag d¢ —2. K M) om. F, uidetur fuisse in mg. 2. Post
prius KM add. xel og dex 7 rK nweos Tiw NM (MN F), ovrag 7
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et quoniam A4 H? HB? commensurabilia sunt, etiam
I'®, K 4 commensurabilia sunt. est autem
I'O: KA=TK: KM

[VL, 1]. itaque I'K, KM commensurabiles sunt [prop.
X]]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et } ZM*® aequale spatinm rectae I'M ad-
plicatum est 'K >< KM figura quadrata deficiens, et
I'K, KM commensurabiles sunt, I'M?*® excedit MZ?
quadrato rectae sibi commensurabilis longitudine [prop.
XVII]. et I'M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est prima
[deff, tert. 1],

Ergo quadratum apotomes rectae ratiomali adpli-
catum latitudinem efficit apotomen primam; quod erat
demonstrandum.

XCVIIL

Quadratum mediae apotomes primae rectae rationali
adplicatum latitudinem efficit apotomen secundam.

Sit 4 B mediae apotome prima, I'4 autem rationalis,
et quadrato 4B? aequale rectae I'd adplicetur I'E
latitudinem efficiens I'Z. dico, I'Z apotomen esse
secundam.

nam BH rectae 4B congruens sit. itaque 4H,
HB mediae sunt potentia tantum commensurabiles

NM =moog tiv KM FVb., 8. tovtéomiv P. 4. ovpperos P,
corr. m. rec. doty P. 5. éonu] om. P. 11. fotwv P.
dovppereog F. 12. T'M] MTI e corr. V; KM supra scr.
b, MZ]ZMF. dovupéteov b, ¢- add. m. 2 F, 15,
nmope ¢neriy] om. V. 16. Gmee €081 Selkor] comp. P, om.
BFVD. 21, péonp BFVbh. 22, Post wape del, ¢ m. 1 P,
I'a] M F. 28, 'E] corr. ex I'@ m. rec. P. 25. BH]
corr, ex ZHm, 2 V. af doa] &eo  F. 26. slolv B.
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4 mougafefiiodeo o I'® mldvog mowotv tyv I'K,
16 0t and vijg HB loov to KA mhdrog moroty tyw
KM 8iov dge 10 I'd i6ov fotl Tois dmd vév AH,
HB" uéoov dga xal 10 I'd. xal moga énviy tyv I'd
nagaxeirar wAdrog morovy iy I'M: §nuyy éoa dotlv
7 I'M xal dovupergog tfj I'd wijner. xal émel 16 I'A
loov dotl ol and v AH, HB, dv 1o dnd tijc AB
loov éorl vy T'E, lowmdv &g 16 dlg vwo vdv AH,
HB loov éotl ©0 ZA. Gneov 0¢ [ote] ©o dlg vmo
v AH, HB' {nrdv dga ©0 ZA. xal maga ¢nriw
v ZE mogaxetar whdvog movotv iy ZM: §nriy doe
dorl xal ) ZM xel oVpuergog tij I'd wijxer. Emel ovw
ze: utv amd rov AH, HB, vovtéone 1o I'd, uéoov
éotiv, 10 0t dlg vno tov AH, HB, rovréon 10 Z A,
¢nzov, devpueroov Goua éotl to I'd 13 ZA. g 0t 1o
I'4 mgdg v0 Z A, ovrag éotiv 1) I'M moog iy ZM:
aovuucrgog dou 1 I'M 1) ZM wijxer. =al elow au-
gorsgar gnrel” of dpe T'M, MZ ¢qral elor dvvdper
povov ovuustgor 1 I'Z dga amoroury éorwv.

Aéye &, r xal devréga.

Terpijodo pag 7 ZM diye xeve ©0 N, xel fiyde
dwx o0 N vfj I'd magddiniog v NE' éxdregov doa
tov 25, NA loov éorl 16 vno vév AH, HB. xol
émel Tov and tov AH, HB terpaydvoy péoov dvd-

1. 10 dea Pefliiodo @. 16 I'O] om. V, supra est ras.
I'K] 'Kz I' V. 3. T'd]} I'd b. 4. Post HB add.
wal dote ta dmo tov AH, HB péow nel loo v3 T4V, 5.
énvi] -z inras. P, 6. 9 'M »af] m. 2 F. 8. Zorl 16
T'E] 76 I'E ov 9. 9. éoru] om. P.”  10. dea] ote »al V,
supra add. oo m. 2; doa xal F? (nal ). 12. doviv B. 14,
éot{ PBFV, comp. b. HB §nrév V. ZA] I'd, supra scr.
Z, b. 15. gnrov] om. V. éoa] m. 2 F. 16. meog 76
o B, corr. m. 2. 7 doviv] om. V. 17. dedpperoos — ZM]
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spatium rationale comprehen-
—t dentes [prop. LXXIV]. et qua-

r Z NK M drato 4H*® aequale rectae I'd
' 1 L adplicetur I'® latitudinem efficiens

(1 'K, quadrato autem HB? aequale
] E E0 4

K A latitudinem efficiens KM.
quare totum I'd = 4H*® 4 HB® quare etiam I'4
medium est. et rectae rationali I'4 adplicatum est
latitudinem efficiens I'M, itaque I'M rationalis est
et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam est
I'd = AH*® + HB?,
quorum 4B =TI'E, erit reliquum 2AH X<XHB=Z4
[1I, 7). uerum 2 4H>< HB rationale est. itaque Z 4
rationale est. et rectae rationali ZE adplicatum est
latitudinem efficiens ZM. itaque etiam Z M rationalis
est et rectae I'J longitudine commensurabilis [prop.
XX]. quoniam igitur 4H? 4 HB?, hoc est I'4, me-
dium est, et 2 4 H>< HB, hoc est Z 4, rationale, I'4
et Z 4 incommensurabilia sunt. est antem
'd:Z4=IM:2ZM

[VI, 1]. itaque I'M, ZM longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tantum commen-
surabiles. ergo I'Z apotome est [prop. LXXIII].

iam dico, eandem secundam esse. ZM enim in N
in duas partes aequales secetur, et per N rectae I'd
paraliela ducatur N, itaque ZE=NA—= A4 H><HB.

mg. m. 2 B. 18. &ga] ¢, post MZ hab. F. 19, éer. BVD,
comp. F.  20. 6t dot{ Vb,  devréon dotiv B. 23, Z..u.]
Z in ras. B. 24. énsl] #r. B (supra est ras.).



10

15

20

25

312 TZTOIXEIQN .

Aoyoy ot 16 Umo tév AH, HB, xal éotiv iGov 7o
utv énd vijg AH vg I'®, 16 6t tmo tév AH, HB
16 NA, v 0t dno vijs BH t6 KA, xal tév I'O,
KA &ga uéoov dvadoyov éote vo NA- éotiv agu g
10 I'© mpdg ©0 NA, otrwg to NA mgog to KA.
oAl ag pdv 10 I'@ mpog 16 N A, otrwg éorlv 7 T'K
mog Ty NM, og 0t 10 NA mpdg 10 KA, ovrwg
dotlv § NM moog wijv MK' ag &pu v I'K mpodg tiv
NM, otrag éotlv ) NM moog iy KM' 10 dga vmd
tév 'K, KM lgov ot} 1¢ amd vijg NM, rovréon:
v teTaerp ufper tov amd vig ZM [xel émel ovp-
petgov éote vo mo tiig AH e and tijg BH, ovuue-
190y éoti %ed 16 I'O 16 K A, rovtéorw 4y 'K vy K M].
émel oty O0vo edPelon dvicol sloww of TM, MZ, xal
16 revdpre uéoss tob amd Tig MZ igov maga Tiw
uelbove iy I'M magaféfinrar éAAeimov &ider verpum-
yave 1o vmo tav 'K, KM xeal &lg evpperoa adrny
dwuget, 1 &oa I'M tijg MZ usifov dvvarar 16 dmd
ovuuéroov favrf) pixe.. el foviv 1 mpocapudfovoa
N ZM ovpuctoog uijxer vij éunsipévy onrii v I'd: 5
&g I'Z amovour éote devrépa.

To dpa amd péeng amoroutjs mewtng maga yryv
wapafaridusvoy mAdrog moiel dmovouy dsvripav:
Omep &0er Osikou.

69",

To amé péens amorouts decvrépags mapa
éntyY magaPfalidpevoy TAdrog moLsl dmoTOUT Y
TolTyw.

1. éorv] done V. isov] supra scr. m. 1 V. 2. zg] in
ras. V. 8. 1é] véy mut. in o m. 1 V. 1]t P.  za]

26 PV,  zav]'%6 b. 5. 70 NA] (alt) mg. m. 2 F. meos
760 KA4] ©6 N4 . Deinde del. m.1: ¢d" ¢ plv vo I'® meos
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et quoniam 4 H>< HB medium est proportionale inter
AH?® et HB? [prop. XXI lemma], et AH®= I'Q,
AH > HB=NA, BH?=K A, etiam N/ me-
dium est proportionale inter I'®, KA. itaque erit
I'O:NAd=NA:KA ueram I'®:NA=TK:NM,
NA:KA=NM:MK [VI 1]. quare 'K: NM= NM:KM.
itaque 'K>< KM= NM?* [VI, 17], hoc est =}Z M2,
iam quoniam sunt duae rectae inaequales I'M, MZ,
et + MZ? aequale maiori I'M adplicatum est spatium
I'K>< KM figura quadrata deficiens et eam in partes
commensurabiles?) diuidit, I"'M? excedit MZ? quadrato
rectae sibi commensurabilis longitudine [prop. XVII].
et congruens Z M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est se-
cunda [deff. tert. 2].

Ergo quadratum mediae apotomes primae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

IC.

Quadratum mediae apotomes secundae rectae ra-
tionali adplicatum latitudinem efficit apotomen tertiam.
1) Nam 4H? et BH? commensurabilia sunt, et

AH3:BH?*=T@®: KA=TK: KM
[VI, 1]; tum u. prop. XL

70 N4, obtog ©0 NA meos 16 KA V. 8 NM] Ninras. V.

9. #¢tiv] om. V., 11. zo9] ¢ F. nal émwel — 13.
KM]) om. P. 12. éout] om. Fh. Post BH del. ofrwg
m.-1 V. 13, éore] supra scr. m. 1 FV. 14, ddo sﬁﬂaio%]
supraser.m. 1 F.  xei 7é] zd 6§ BFVb. 15, zijs] e corr. V.

MZ] corr. ex ZM V. 17. zé] mut. in ¢ m. 2 P. 18.
7i¢] corr. ex zij m. rec. V.  20. Mg. yo. dovppergog m. 1 P,

TAY I'g pinee 9. 22. moaryg] om. P, 24, Gmee £0se
Oeibas] : p— P, om. BFVb.
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"Eotw uéong dmoroun Osvtéga % AB, ¢nry 6% 7
I'd, xal @ amo tijs AB loov mege vy I'd mega-
peprijodw 0 L'E midrog mowodwv tyv I'Z° Aéym, Ot
7 I'Z amovous] éome tolry.

*Eotw pag v AB mgooapudfovea § BH' «af &oa
AH, HB péoos slol dvvdpss udvov edupuctoor pécov

meguégovoer. xel T plv dnd vig AH loov mage Ty

I'd nagafefiiodw 16 I'® miarog mowovw v I'K,
Ti 0% ano tijis BH loov mega vy KO nagefefiicdn
t6 K A midrog morovw vy KM ddov dga ©o I'A leov
éotl rolg and tov AH, HB [xai éovt péoe ve anmod
1v AH, HB)" péoov dga xal ©6 I'A. xal mega dyryy
v I'd magaféfAinrar midvos mowovw Ty I'M° ¢noy
doa éotly ) I'M nal aevpusvoog vij I'Ad wijxe. xal
énsl 6iov o I'A icov éerl voly dmo vov AH, HB,
ov 10 I'E loov dorl t6 dmd vijg AB, Aoumiv dge To
AZ ioov dorl 16 Olg vmd tdv AH, HB. retuniedo
ovv ) ZM 0lya xave td N enuciov, xal vij ['4 magdi-
Aqlog %yPw n NE' éxdregov dga tav Z5, NA kov
dotl ©¢ vmd rév AH, HB. péoov 0% t0 vmo réwv
AH, HB" péoov dgu éotl xal vo Z A, xal mage $yrnv
v EZ magdxeirow mwldrog mowotv iy ZM: gnry
doo xal § ZM xal dovpuevgog tif I'd wixsi. xal
énel af AH, HB Svvape uévov elol 6vpusroor, aovu-
uevgog Gow [éotl) wixer ) AH v5 HB* aglpusroov
doe dotl xal vo dno g AH v vmo vy AH, HB.
dAde ve udv amd tijg AH evpucrod dot to dnd rdv

1. péon BV. dsvrépa] in ras. V. 4. zoltn dorly
BFVb. 9. K@) corr. ex 'O V. 10. XM] corr. ex KA
m. 1 F. I'A] corr. ex KA V. 11. v/ — 12, HB] om.
FVb, m. 2B. "13. §nrév P. 17. AZ] corr.ex ZA V. 2I.
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Sit 4B mediae apotome secunda, I'4 autem ra-
tionalis, et quadrato .4 B? aequale rectae I'4 adplicetur
T'E latitudinem efficiens I'Z, dico, I'Z apotomen
tertiam esse.

nam B H rectae 4 B congruens sit. itaque 4H, HB
mediae sunt potentia tantum commensurabiles spatium

4 g g Wediom comprehendentes [prop.

1 LXXV]. et quadrato 4H® ae-
r Z _NK M quale rectae I'd adplicetur I'®
' latitudinem efficiens I'K, quadrato
autem BH? aequale rectae K®
adplicetur K4 latitudinem effi-
ciens KM. itaque totum I'd = 4H®+4 HB®. et
AH*® + HB® medium est. itaque etiam I/ medium
est. et rationali I'4 adplicatum est latitudinem ef-
ficiens I'M. quare I'M rationalis est et rectae I'd
longitudine incommensurabilis [prop. XXII]. et quon-
iam est I'd = 4H® 4+ HB?, quorum I'E = AB?
erit reliquum 4Z =2A4AH> HB [II, 7]. iam
ZM in puncto N in duas partes aequales se-
cetur, et rectae I'4 parallela ducatur NJ5. itaque
Z5 = NA= AH>< HB. uverum AH>< HB medium est.
itaque etiam Z 4 medium est. et rectae rationali EZ
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam 4 H, HB potentia
tantum commensurabiles sunt, 4 H et HB longitudine
incommensurabiles sunt. quare etiam 4H*®et AH><HB
incommensurabilia sunt [prop. XXI lemma, prop. XIJ.

Z A] corr. ex Z.J m.rec. P, mut.in 4Z V.  23. xef] (primu
douvy V. 25. dee/J om. P. AH] Hinras. V. 5] o

4 E 56O A
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AH, HB, 76 0t vmd rvov AH, HB ©) dlg vmd tév
AH, HB" dodpustoe &pa otl ta dno tov AH, HB
Té Olg vmo vov AH, HB. dlda vois ptv amd tov
AH, HB leov éotl ©v0 I'A, v¢ 0% dlg vmd tév AH,
HB ieov éotl 70 Z A" acvppergov doa éotl ©6 I'A
19 ZA. ag 0% ©o I'd mgog ©d Z A, olrag éotlv 3
I'M ngdg vy ZM' dovpuergog oo éotlv 5§ I'M 4
ZM pijxer. wel sl auporepar nral: of dkpa I'M,
MZ ¢nral sler Ovvaper povov ovpuerpor® dmorous
doa éotiv 1 I'Z.

Aéyo 91, St xal ToiTy.

'Emel yop ovupstedy dove to dno vijs AH 16 amd
tiic HB, eduusrgov dou xal ©0 I'O v KA dore
xel § 'K v KM, xel énel v6v dno tov 4H, HB
uéeov avdioyov derve to vmod rov AH, HB, xal éomu
t ulv dnd vijs AH lsov ©o 'O, v¢ 0t dnd vijc HB
foov ©0 KA, v¢ 0% vnd tév 4AH, HB loov ©o N,
xel tov I'®, KA dga péoov avdioyév éote 10 NA
oty dga g 10 I'@ mpds 10 NA, ottwg 0 NA
ngdg v0 KA. dAd’ og udv w0 I'@ mgog ©o N4,
otrag éotlv ) I'K moog iy NM, &g 0% ©o NA moog
10 KA, otrewg éovlv ) NM moos vy KM og doa
% 'K mgog mjv MN, otzag éotlv ) MN medg v
KM 2o dpe vmd v 'K, KM ioov éotl ¢ [and
tijg MN, tovréor: t63] tevdore uépe Tov and vijg Z M.
énel oty 0vo sOBelaw dvisol eloww of I'M, MZ, xal
t6 Tevdpre uéper Tov amo tig ZM lgov maga v
I'M negapépinrar éAAeimov &lder tevpaywve xal &l

1. 0] Géppngo"l: 4ots 6 Theon (BFVD). 2. Post HB

del. 16 ZA V. aoduperew — 3. HB] om, P. 2. dodpperoa
— 68 ZA)mg.m.1V. 2 &ea] om. b. douw ga V.  dné)
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uerum AH® et 4H®+4 HB®, AH><HB et2 AH><HB
commensurabilia sunt. itaque 4H® - HB® et 2 4H>< HB
incommensurabilia sunt [prop. XIIT]. est autem

I'd= AH®*+ HB?, ZA =2 AH>< HB.
quare I'4, Z A incommensurabilia sunt. est autem
I'd:ZA=TM:ZM [VI, 1]. quare 'M, ZM lon-
gitudine incommensurabiles sunt [prop. XI]. et utraque
rationalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXITIT].

Iam dico, eandem tertiam esse. nam quoniam A4 H?,
HB® commensurabilia sunt, etiam I'®, K4 commen-
surabilia sunt. quare etiam I'K, KM commensura-
biles sunt [VI, 1; prop. XI]. et quoniam A4H>< HB
medium est proportionale inter 4H? et HB? [prop.
XXIlemma}, et [O@=4H? KA—=HB*, NA=AH><HB,
etiam N4 medium est proportionale inter I'®, K 4.
itaque I'®: NAd = NA:K 4. est autem

I'O:NA=TK:NM, NA:KA=NM:KM
[V, 1]. quare 'K:MN=MN:KM. itaque [VI, 17]
K> KM= MN?=4{ZM? quoniam igitur duae
rectae inaequales sunt I'M, MZ, et }ZM? aequale
rectae I'M spatium adplicatum est figura quadrata
deficiens et eam in partes commensurabiles diuidit,

dmé B. 4. I'd] corr. ex I'd m.rec. P. 1] ©6 V. 5. 7d]
(priug) mut. inzg V. 7. ’'M] H'b. ZM] MZ P, I'M b.

8. Post ZM eras. pj V. 9. MZ] ZM F. 12, ovupereos
P, corr. m. rec. 13, dox o/ V. KA I'A P, 14, KM
avppeteds dote V. tdv] (alt) om. b, 15, éezi] (prius) éomew P,

17. omd] dné F.  20. tov KAP. 21. NM] MN bg. 22.
KA NK?2P. MNF. &g — 23 KM% punctis del. V.

23. MN] NM V. dovlv)om. V. MN|]NMYV. 24.
amé — 26. z65) mg, m. 1 P.
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ovpustoe aveny diagsl, § I'M doa tijg MZ ucitor
dvvatar T4 dmo cvuugroov fevril. xol ovdeTépe THV
I'M, MZ evpuereds éove prxe tfj exxepévy Onvij v
T4 5 ape I'Z damovopr) éote rolty.

5 To dga amd péens amoroutjs devrépog mape dnryw
nogafaliopevoy midarog moisl dmotouny Toltyy' Omeg
e deikou.

I3

0.
To amd éAacoovos mape $nrny magafalid-

10 Hevov mWAATOg MoLEl AmOTOUNY TETHEQTYY.

*Eorw éidocwv 7 AB, énrny 0t ) I'd, xel ©6 dnod
rijs AB l6ov mage gyray v I'd megafefiicdo o
T'E midvog mowodv tiy I'Z* Aéyw, 6ve 7 I'Z amorour}
éote Tevdgry.

15  “Eorw yag vfj AB moosagudfovee 7 BH: of &pe
AH, HB dvvdus &loly dovpusrgor molovoar to piv
ovyxelusvov &% tov and tov AH, HB terpaydvov
¢nrov, o 0 dlg vmd vdv AH, HB péoov. xal 16
ptv amd tijg AH iloov megs iy I'd megefefiiodo

20 0 I'® midrog mowovv 9w I'K, ©¢ 0% and vijg BH
i6ov 10 KA mhdvog morotw vy KM' 8dov &pa w0
I'4 ioov 61l voig amo tév AH, HB. xal fove 10
ovpxelpevov €x 1év and vov AH, HB ¢nrdv: ¢yrov
dpo éotl xal 10 I'd. xel mage $nuyy iy I'd megd-

26 x&Lrar wAdrog movovv Ty I'M: nry dpo xal 9§y T'M
xel ovppsrgos v I'd wijuse. xal €mel 6dov v I'd
toov otl roig dmo vdv AH, HB, &» ©60 T'E isov Zeri

1. adppergoy P.  MZ) ZM P. 38 wijue] om. b, 4.
douv P. b 7] corr. ex vp m. 2 F. dwé} m. 2 F.  maga
éntiv]l mg.m.2V. 6. §mep #de1 Seifo] om. BF Vb, comp. P.
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I’'M? excedit MZ? quadrato rectae sibi commensura-
bilis. et neutra rectarnm I'M, M Z rationali propositae
I'4 longitudine commensurabilis est. itaque I'Z apo-
tome est tertia [deff. tert. 3].

Ergo quadratum mediae apotomes secundae rectae
rationali adplicatum latitundinem efficit apotomen se-
cundam; quod erat demonstrandum.

C.

Quadratum minoris rectae rationali adplicatum lati-
tudinem efficit apotomen quartam.

Sit 4B minor, I'4 autem rationalis, et quadrato
AB? aequale rationali I'4 adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z apotomen quartam esse.

nam BH rectae 4B congruens sit. itaque 4H, HB
potentia incommensurabiles sunt efficientes 4 H®-- HB?

4 B H rationale, 2 4H>< HB autem me-

p— dium [prop. LXXVI]. et qua-
' Z NK M drato 4H? aequale rectae I'A
adplicetur I'® latitudinem -effi-
ciens I'K, et K4 =BH? latitu-
dinem efficiens K M. itaque totum
I'd= 4H® 4 HB® et 4H® - HB? rationale est.
quare etiam I'4 rationale est. et rationali I'4 ad-
plicatum est latitudinem efficiens I'M. itaque I'M
rationalis est et rectae I'4 longitudine commensura-
bilis [prop. XX]. et quoniam totum I'4 = _4H*®-4 HB?,

p] E 5O 4

11, ldooov] é- inras. m. 1 P, 14, domy P.  rerdern
doriv V. 15, ydo] m. 2 F. 16.. HB] supra scr. m. 1 P,

19. uév] om. V. 21. KM] 'K b. 25. zaf] om. Fb,
dotuy #
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16 and ijs AB, Aowmov doa 10 Z A lgov ‘dorl 1d dig
im0 tov AH, HB. rerwjode ovv 1 ZM Oiye xara
10 N onuslov, xal 7yde O 1ot N omorépa vav I'4d,
MA megdiinlog 1 NE' éxdrsoov doa tév Z5, NA
loov éorl v¢ vmo vy AH, HB. xal énel ©o dlg vmod
tov AH, HB uéeov éotl xal éovwv loov ©$ Z A, xal
10 ZA a&go pédov dorlv. xal moge gyryv vy ZE
nogaxerar whevog mototv Ty ZM: gty &oe fotlv
N ZM xal acdpuergog vfj I'd wixe. xol émel To piv
ovyxeiusvov éx tov and vov AH, HB ¢nyrév éorw,
10 0t dlg vmo tdov AH, HB uéeov, dovpueron [&oc]
éotl 1 ano tév AH, HB 16 d0lg ¥md vév 4H, HB.
loov 0¢ [éore] ©o I'4 voig and tov AH, HB, ©g 0%
olg vmd vov AH, HB icov 10 Z A" aevuustgov dga
[do7)] ©0 I'd ©p ZA. ag 0% ©5 I'4 meog 70 Z 4,
ofrwg éotly 1) I'M mpds vy MZ: acduustgog dgo
dotlv 5§ I'M o} MZ prjxsi. xol sloww dugpiéregor $yral:
of doe I'M, MZ ¢$nral eloe Svvduer uévov evppergor’
amoroun dea Zotlv § I'Z.

Aépo [07], Ore xal Terdgry.

'Ensl yeo af AH, HB dvvdps &lolv aoduustgor,
dovppstgov &oo xel vo and vijg AH 16 amo vijg HB.
xol dove vep pdv and vijg AH lov 10 I'®, ¢ 0k dwd
tijg HB igov ©6 K A' aoduuergoy dga éorl o I'O g

5 KA. &g 0% ©v0 I'® meds ©6 KA, ovrwg éotlv ) 'K

nodg v KM devuusrgog dga éotlv § 'K tj KM
wixer. xel émel vy amo vov AH, HB péoov éve-
doydv éott o tmo tov AH, HB, xol éotiv [Gov 7o
udv and tij¢ AH g I'O, ©d 0% dnd vijg HB 165 K A,

1. zé] (alt.) zov P, 2. ovv] ovw nal P. 3. tovt N
onuelov V. 5. tév] om. P, 6. 7] corr. ex 76 m. 1 B.
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quorum I'E = AB? erit reliquum ZA4=24H><HB
(31, 7]. ijam ZM in puncto N in duas partes aequales
secetur, et per N utrique I'4, M A parallela ducatur
NE. itaque ZE = NA4 = 4AH > HB. et quoniam
2 AH>< HB medium est et 2 A H>< HB=Z 4, etiam
Z A medium est, et rectae rationali ZE adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'J longitudine incommensurabilis [prop.
XXII]. et quoniam 4 H®3- HB®rationale est,2 4H><HB
autem medium, 4H? 4 HB® et 2 4AH>< HB incom-
mensurabilia sunt. vuverum I'd = AH? - HB® et
ZA=2AH>< HB. quare I'4, Z 4 incommensurabilia
sunt. est autem I'd:ZA=TIM:MZ [VI, 1). quare
I'M, MZ longitudine incommensurabiles sunt [prop.
XI). et utraque rationalis est. itaque I'M, MZ ra-
tionales sunt potentia tantum commensurabiles. ergo
I'Z apotome est [prop. LXXIII].

Iam dico, eandem quartam esse. nam quoniam
AH, HB potentia incommensurabiles sunt, etiam 4 H*
et HB® incommensurabilia sunt. et I'® = 4H?Z,
KA=HB: quare I'®, KA incommensurabilia sunt.
uverum I'®: KA=TIK: KM [V], 1]. itaque I'K, KM
longitudine incommensurabiles sunt [prop. XI]. et

7. é6t{ PBV, comp. Fb.  10. {6 PBV, comp. Fb. 11
doe] om. P. - 13. 6" b.  dom] om. P.  14. 7] corr, ex
zo m. 1 F. 15, J6tf] om. P. 6] in ras. m. 1 P.  Supra
T'A z¢ ras. est in V. ~ I'd] ZA P. ZA] T4 P. 16 noog
ziw] ©j P.  ZMF. dovppergog — 17. MZ] om. P.  20.
47] om. FVb, m. 2 B. 22 doa] dori V. ~ HB] corr. ex
BHm 2V. 28 7] corr.ex ¢ m. 1 F. 26. I'K] KI'P.

27. winer] mg.m, 2 V. 28. 76] (alt) T PV. 29. uév]
om.V. o] véPetV,corrm. 1. 1) w6 P. d] o P.

Supra K4 add. N m. 1 b.

FEuclides, edd. Heiberg et Menge. III 21
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70 0% vmo tov AH, HB ©$ NA, tév doa I'6, K A
uédov avdloydv éere 6 NA' ot dpa ag 10 I'®
neog 70 NA, ottmg 10 NA medg 10 KA. @A &g
udv 16 I'® mpdg ©0 N A, ovrag dovly 3y 'K medg tijw

5 NM, og 0 10 N4 mog ©6 K 4, ovrawg éotly y NM
noog iy KM g dee ) I'K mgog vy MN, ovrmg
dotlv ) MN mpog v KM* 6 dpa imd vdv 'K,
KM loov dotl v dnd vijg MN, rovtéore t6 Terdore
péoer T dmd vijg ZM. émsl obv Ovo sbBsiar Gvidol

10 eloww af I'M, MZ, xel t tevdpro uépe vod and rig
MZ rtoov mape vy I'M mapaféfinrar éAAsimov slde
rergaywve to vmo tav 'K, KM xal els acvppston
avTyy Ouget, n Goa I'M vijg MZ usifov dvvarar v
ano advupérgov Savrf. xal detiv Ay § I'M ovu-

15 ustgog pijxse tvf éxxswuévy ¢y vij I'4" % doa I'Z
amorour] €67 TETHQTY.

To dgo amd éideoovog xal ta Ekijs.

oa’.

To axo wijg psra ¢qrov uécov 16 Slov

20 M0L0VONg wapa TRy magaBalldusvoy xAdrog
morel amorouny méumTyv.

"Eoreo 1 pete ¢nuov uéoov td GAov mowotice %) AB,
oney 0 q I'd, xal v@ dmo vijg AB loov maga tyv
I'd magpapspiiiobew 10 I'E mAdrog morovv v I'Z:

26 Aéyw, 0t § I'Z amovopr éov méumey.
"Eote yap tij AB mgosagudfovoe 7 BH' of doa

1. vwd] corr. ex dxd V. rov] (alt) zm b. A]
AN F. oftog — 4. NA] mg. m. 2 B, 8. KA] K A’ F.
4. pév] om, V. éu{v m. 2 F. 6. dg] uul ag b g V.
doa — 7. iy K M| mg. 6. tjv] (alt) 26 9. 8. NMP.

-
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quoniam 4 H>< HB inter 4H?, HB® medium est pro-
portionale [prop. XXIlemma), et 4H?=10, HB*=~=K 4,
AH> HB = N, inter I'®, K 4 medium proportio-
nale est N4. itaque I'&: NA = NA:KA uerum
IF:NA=TK:NM, NA:KA=NM:KM [V], 1].
itaque I'K: MN = MN:KM. quare 'K >< KM==MN?
[VI, 17] =4ZM?*. iam quoniam sunt duae rectae
inaequales I'M, MZ, et $ MZ*® aequale rectae I'M
adplicatum est I'K >< KM figura quadrata deficiens et
eam in partes incommensurabiles dinidit, I"'M? excedit
MZ*® quadrato rectae sibi incommensurabilis [prop.
XVIII). et tota I'M rationali propositae I'4 com-
mensurabilis est longitudine. itaque I'Z apotome est
quarta [deff. tert. 4].
Ergo quadratum minoris, et quae sequuntur.

CL

Quadratum rectae cum rationali totum medium
efficientis rectae rationali adplicatum latitudinem efficit
apotomen quintam.

Sit 4B recta cum rationali totum medium efficiens,
I'4 autem rationalis, et quadrato 4B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico, I'Z
apotomen quintam esse.

nam BH rectae 4B congruens sit. itaque rectae

10. sl 6] 70 34 FV, zov] m. 2 F. 12 76] =g b. 14,
svppiteov et V, sed corr.  domy] om. V. 15, prjxed]
Zove V. 17. nal ta £Edg] mope §nrny mapafallopevov midrog
mocei dworouny retderyy Theon (BFPVD). 22. 7] (prius)
om. V. 28 ¢nvj — ABl mg. m.1P. 15] e corr. P. 24,
Al AT F. TZ)corr.ex ’'dP. 25, I'Z} ZT e corr. V,
A . 26, yao] m. 2 F.

21%
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AH, HB svdsiar dvvdus slely aovupeToor moloveo:
TO udv oupxelpsvov éx TV an’ eDTAY TETQRYBVOY
uéoov, vo 0t Olg v’ adrav dnrdv. xel Td pdv amwo
tijs AH leov mage viv I'd megafefiiodm 10 I'O,
16 0% dmo 7jg HB leov ©0 KA Ghov &ga v6 I'A
loov éotl toig amd tov AH, HB. ©0 6} cvpnslusvov
& tov and tov AH, HB Gue uéoov éotlv: uéoov
dpo éori vo I'A. xol mage gnrqy v I'd mogdxsira
mAarog motovv Ty I'M: ) doe éotly ) I'M xel
aovpusrgog v I'd. xal éxel GAov 1o I'd leov dorl
zoig dmo vév AH, HB, v 6 I'E looy éotl t¢ dmd
tiic AB, Aowwov dga vo ZA loov éorl vg dlg Umd
vy AH, HB. teruijodw ovv ) ZM 0lye xera 76 N,
xal 8w Owx tov N omorédpe tov ['d, M A magei-
Aqdog. ) NfE- éxdregov dga tav 25, NA loov €orl
T Vo vy AH, HB. xal émel ©o dlg 9md rav AH,
HB ¢nrov éore xal [éorw] loov v6 Z A, $nqrdv doa
dotl v0 ZA. xal mage fnryy v EZ magdxsivor
mAatog mowoty Ty ZM- qryy dpo fotiv ) ZM xel
ovpucrgos tif I'd piyxer. nel énsl 10 pdv I'A uédov
doviv, ©0 0% Z A $yrdv, acvuusreov dga é6ti to I'd
6 ZA. og 6t 10 I'A mpdg ©6 ZA, ovrag 9§ I'M
ngog iy MZ: devuusrgog too éotiv § I'M 15 MZ
pijxet. wol elow aupdrspar gyral of dga I'M, MZ
onral eloe dvvduer pévov evpusrgor dmorouy Koe
éativ 7 I'Z.

3. uév] om. V. 5. Post 8¢ ras. 2 litt. V.  HB] mat.
in ABm. 2 F, in ras. V. I'4] 4 in ras. m. 1 P, corr. ex
AB. 6. 16 0 — 7. dwo rov] Te 0% dmo tiig V. 7. dotdy
é0vl PB, comp. FV; slvor V, supra scr. fove m. 1. 8. I'4

mut. in A" m. 1 F. 9. I'M)} I'H ¢. éni] én- om. g.
11. TE] BA B. 138. o%%] om. Vg. 14. uou']— N] .supg’a
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AH, HB potentia incommensurabiles sunt efficientes
summam quadratorum mediam, duplum autem rectan-
r Zz N KM gulum rationale {prop. LXXVII].
| et rectae I'4 adplicetur '@ = 4H?,
K A= HB?. itaque totum

o4 I’'d= 4AH® |+ HB?
— uerum A4 H? - HB? medium est;
B itaque etiam I'4 medium est. et
rationali I'4 adplicatum est latitudinem efficiens I'M.
itaque I'M rationalis est et rectae I'4 incommensu-
rabilis [prop. XXII]. et quoniam I'4 = 4 H?-} HB’
quorum I'E = 4 B2, erit reliquum ZA=2A4H>HB
[, 7]. iam ZM in N in duas partes aequales secetur,
et per N utrique I'd, MA parallela ducatur N5
quare Z5=NA=AH><HB. et quoniam 2 AH>HB
rationale est, et 24H>< HB =7 A4, Z A rationale est.
et rationali EZ adplicatum est latitudinem -efficiens
ZM. itaque ZM rationalis est et rectae I'4 longi-
tudine commensurabilis [prop. XX]. et quoniam I'4
medium est, Z 4 autem rationale, I'4 et Z 4 incom-
mensurabilia sunt. est autem I'd:ZA4=TIM: MZ
[VI, 1]. quare I'M, MZ longitudine mcommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I’'M, MZ rationales sunt potentia tantum commen-
surabiles. ergo I'Z apotome est [prop. LXXIII].

i
|
d E

I
A

I

ser. m. 1 P, 17, éomiw] om. P. ZA4] Z (uel &) corr.
ex NV, item lin. 18. 18. EZ] e corr. m. 1 V. 19. ZM
(alty ZH b.  20. dovppergos B, supra oras. estin V. I'd
corr. ex I'Z b; I'Z V, Z eras. 21. Zotlv] dori PBFV,
comp. b.  28. wijv] 6 V.  dorlv] dori net V. 24, I'M,
MZ dga V
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Aéyw 01, Ot xol mwéumry.

‘Opolwg yag delbopev, 6r1 16 Vo tov 'KM leov
dorl vé and tijg NM, tovréor. t terdgre uéoet Tov
and tijg ZM. xel émel aevuuergdy é6ri TO Amod Tijg

5 AH © and vijg HB, loov 0t o uiv dnd vijg AH
tg I'®, ©6 0t ano vijg HB t KA, devpuczoov &ou
70 I'O v KA. dg 0% ©v0 I'® mpdg ©0 K A, otrwg 7
T'K mods =y KM* devpuergog dpox vy I'K vfj KM
uijxnet. émel ovv 0o evdeiaw dvicol elewr of I'M, MZ,

10 %0l TO TETRQTO Wigs Tov and tijg ZM lov mage T
I'M nogeféfinrar éAsimov elder tevgayove xel &ls
aovpusrga avTyy Owigsl, v doa I'M tijg MZ usitov
dvvarar 6 amd aovuusToov Savry. xal 6Ty 1) MPOG-
agudtovea 5 ZM cvpusrgog v uxeruévy Snri v I'4-

16 1 dpa I'Z dmovopr éote méumrn' Omep e Osifa.

ef’.

To dmd wijg peve péeov wécov o OGlow
moLovang mage TRy wagafaildusvor mAdrog
woust amorouny Extqv.

20 “Eorw 7 pera péoov ufoov to Glov moovee 1) AB,
oy 0t ) ', xal v and vijg AB loov maga T
I'd megafepiijodeo vo I'E midrog mowodw v I'Z:
Aéyw, ote ) I'Z amotows oty Extm.

"E6to pog tfj AB mpocagudfovoa ) BH* ol dpe

25 AH, HB dvvdus elolv dovupergor moovdor T e
ovyxelpevoy éx 1dY an’ alrdy TErQaydvey wécov xal

1. &M m2eF. 2 I'K,KMFV. 4 dru]lom. Vo. 5.
AH] (alt) 4 ecorr. F. 6. I'®) ® in ras. m. 1 P. 8. s
om. P, KM]I'MPetBinras. d&oa dorly V. KM
I'M P et in ras. B. 9. &loe P, corr. m. 1. 10, ZM] MZ
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Jam dico, eandem quintam esse. nam similiter
demonstrabimus, esse 'K >}X KM= NM?=1ZM?. et
quoniam 4H% HB? incommensurabilia sunt, et 4 H?
=I6, HB* = KA, I'® et K4 incommensurabilia
sunt. est autem I'®: KA = I'K: KM [V], 1]. quare
I'K, KM longitudine incommensurabiles sunt [prop.
XT]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et $+ZM? aequhle rectae I'M adplicatum est
spatium figura quadrata deficiens et eam in partes
incommensurabiles diuidit, I"M? excedit MZ? quadrato
rectae sibi incommensurabilis [prop. XVIII]. et con-
gruens ZM rationali propositae I'4 commensura-
bilis est.

Ergo I'Z apotome est quinta [deff. tert. 5]; quod
erat demonstrandum.

CIL

Quadratum rectae cum medio totum medium effi-
cientis rectae rationali adplicatum latitudinem efficit
apotomen sextam.

Sit 4B recta cum medio totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico,
I'Z apotomen sextam esse,

nam BH rectae 4B congruens sit. itaque 4 H,
HB potentia incommensurabiles sunt efficientes sum-

P, ot V (?), sed corr. m, 1.  13. fovefj pijner V. 14 ZM]
MZ P. 15. Omeg £051 deitor] om. BF Vb, In hac pag.
et sequenti multi loci evan. in F.”  21. naed] waga dnrijy Ve

Tnv] supra scr. m. 1 V. 22. mjv] mp b. 24, aguofovec,
supra scr, wgos m. 1, F. HB P. 26. Post HB ras. b
lits. V. Supra e scr. pév m. 1 b,
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16 dlg Und tov AH, HB uéoov xal aevuusrgov to
and tdv AH, HB 1§ dlg vnd tav AH, HB. mage-
BepiicBo ovv maga iy I'd é ulv dmo vig AH
foov v I'@ miarog mowotv Ty I'K, zd 0} dno i
BH to KA' 8iov dga ©0 I'd leov 61l Tolg amd Tow
AH, HB* uéoov doa [éotl] xal 10 I'd. xal mopd
¢neiw v I'd mapdxsitar midrog mowovv oy I'M:
énrn doa éovlv ) I'M xal aevppergos vf) I'Ad pajxet.
énel oty 16 I'd lov dorl voig émo vdv A H, HB,
ov ©0 T'E 6ov ©6 dnd vijg AB, Aomdy & vo Z A
loov dorl v@ Olg vmd vdv 4H, HB. xal éore 7o Olg
vrd v AH, HB pédov: xal 16 Z A dge uéoov dariv.
xal mwage ¢nriy vy ZE moagdxsitar mAdrog moLovy
my ZM: $nry &oe forly ) ZM xul aevupcrgog T
T4 winer. xol émel te dno rov AH, HB devuucton
dove ve Olg Vmo vdv AH, HB, xal éove toig utv dmo
tév AH, HB loov vo I'd, ©¢ 0% dlg vmd vév AH,
HB loov ©v6 Z A, devpucvoov &pa [éotl] 16 I'd 16
ZA4. &g 8% vo I'd mpog v Z A, otrwg éotlv y I'M
ngos Ty MZ- devppergog doa éorlv 7§ I'M vy MZ
pijxee. xal slow auporegar dnral, of I'M, MZ &g
¢nval elov Svvdpst udvov cvppergors amorowy &ee
éotlv 1) I'Z.

Aéyo 01, 8ve xol Enry.

‘Enel yog ©d Z A loov éorl e dlg vmd tev AH,
HB, retujedo diye 7 ZM xera vo N, xal fydo O
100 N ©fj I'd mapddindog 1 N5 éxaregov doa tdv

1. péoov] $nrév F.  nal] wel Fu V, n 06 BFb,  dodp-
peroe BFVb.  1z¢] zé P. ~ 5. Post K4 add. wlazog motovw
iy KM mg‘;m.z . 6. dor{] om. P. 8. dovdy] dotl xal V.

10. loov éotl V. i) 16 @.  11. dom] yiverow V.  d4
corr. ex 6/ m. 2 P. 12, éoz PBV, comp. Fb, 16. zois
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r Zz Nk m mam quadratorom mediam et
2 AH><HB medium et 4H®-}-HB?,
S 5 ) 2 AH < HB inco.mmensurabilia,
"~ [prop. LXXVII]. iam rectae I'4
4 B H  adplicetur I'® = 4 H* latitu-
dinem efficiens I'K et KA = BH? itaque totum
I'd= AH?® 4 HB® quare etiam I'4 medium est.
et rationali I'4 adplicatum est latitudinem efficiens
I'M. itaque I'M rationalis est et rectae I'4 longi-
tudine incommensurabilis [prop. XXII}. iam quoniam
I'd= AH?+4 HB? quorum I'E = A B} erit reliquum
ZA=2AH> HB [II, 7). et 24H>< HB medium
est. quare etiam Z A medium est. et rationali ZE
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII). et quoniam 4H®?- HB?
2 AH >< HB incommensurabilia sunt, et
I'd = AH® 4 HB? ZA=2A4AH > HB,
I'4 et Z A4 incommensurabilia sunt., est autem [VI, 1]
I'd:Z4A=TIM: MZ. quare I'M, MZ longitudine
incommensurabiles sunt [prop. XI]. et utraque ratio-
nalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXIII].
Iam dico, eandem sextam esse. nam quoniam est
ZA=2A4H>< HB, recta ZM in N in duas partes
aequales secetur, et per N rectae I'4 parallela du-

26 V. d=6 tév] om. P. 17. I'4 — 18. loov zé] om. b.

18. éo7({] om. P. 19. zo] (alt.) om. P. Z 4] corr. ex
Z4a? F. 20. mjv] om. P. MZ] in ras. V. MZ) corr.
ex ZM V. 21 é&e] om. V. 2% sloww P,  louv Goa B.
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ZE, NA ioov ol v vmd tov AH, HB. xol énel
of AH, HB Ovvdus. &lolv aovuucror, GOUWueTgov
o otl to amd vig AH t¢ dnmd tijg HB. alde t6
utv amd v AH leov éorl vo I'®, g 0F and
vijs HB leov éorl ©0 KA' aovupsrgov dpa Zotl 10
I'e 19 KA. dg 6t ©0 I'® meog ©0 K 4, otrmg éotiv
7 'K medg v KM aovpusrgog oo Zotlv ) I'K
vij KM. nol énel zév éno vov AH, HB uéoov avd-
Aoydv fote ©0 vmo Tov A H, HB, xal éote vé putv axd
rijg AH ioov 16 I'®, ¢ 0t and vijg HB loov 16 K 4,
z3 0% vmd vdv AH, HB loov v0 NA, xol tov dga
I'8, KA péoov dvdioydv éote 6o NA- Eotwv dga og
70 I'® 7:gdg 16 N A, otreg t0 N.A wedg 10 KA. neii
dux v avre § I'M vijg MZ peifov dvvarar v¢ amod
dovuuérpov favrfl. xal ovdsrége avTAYV GUuuETEOS
éore v} bxmeuévy i) vff I'd* % I'Z doa dmorour]
éotiy Exry Omep #0e Ostkau.

oy .

‘H tfj amorouf] pijxél GUuWsTQog dmorouy]
dote xal tf vafer 3 avTi.

"Eotw amoroun n AB, xal vfj AB wixe. 6Uppergog
ot 1§ I'd" Adyw, 01t %ol ) I'd amorowr] é6ti xel
vl taew § avry v} AB.

’Enel pop dmotous) éetwv 3 AB, forw avri mgoo-

2. elol ovppereor b. 4. 76 dmo tijg 'O P. 6. dowi]
om. V. 6. z¢] corr. ex 7é m. 2P 8. dwé tdv] om. P;
Y% v supra scr. ¢ m. 1 b; 970 vdv ins. m. 2 F. 11, @
ot om6 — NA] mg.m.2V. 3]z V. AH] Hecorr. V.

ooy éori P. 12. NA] N b. 13. N 4] (prius) 4, supra
add. N m. 2, F. 14, e ownx] corr. ex zavie V. MZ)
corr. ex ZM V.  15. dovupéreov] corr. ex ovupuérgov m. 2 B,
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catur N5. itaque Z¥=NA=AH><HB. et quoniam
AH, HB potentia incommensurabiles sunt, 4H* et
HB? incommensurabilia sunt. est antem I'® = 4 HE,
KA=HB: quare I'8, KA incommensurabilia sunt.
est autem I'@: KA =TK:KM [V], 1]. itaque I'K,
KM incommensurabiles sunt [prop. XI]. et quoniam
AH > HB medium est proportionale inter 4H? et
HB? [prop. XXI lemma), et I'® = 4AH*, KA = HB?
N4 = AH >< HB, etiam N4 medium est proportionale
inter I'®, K 4. itaque ’'®: NA = NA: K 4. et eadem
de causa [cfr. p. 326, 9 sq.] I'M? excedit MZ? qua-
drato rectae sibi incommensurabilis [prop. XVIII). et
neutra earum rationali propositae I'4 commensura-
bilis est.

Ergo I'Z apotome est sexta [deff. tert. 6]; quod
erat demonstrandum.?)

CIIL

Recta apotomae longitudine commensurabilis apo-
tome est et ordine eadem.

Sit 4B apotome, et rectae 4B longitudine 'com-
mensurabilis sit I'd. dico, I'4 quoque apotomen esse
et ordine eandem ac A B.

nam quoniam 4B apotome est, BE ei congruens

«
I

-
§ ¢
i

1) In B figura haec est deinde in mg.

adiicitur uera addito v &110.

16. I'd] 4 in ras. m. 1 F. 17. Smee #0es dsifon) com};. P,
om. BFVb. 21. odupusreos Form pixer BFb.  23. 5] m.
2 P. 24. mpooaguéfovea forw adry V. avrs i Fb,
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aguofovoa ) BE' of AE, EB dga {nral elor dvvaper
udvov ovuuctgor. xal td vijg AB meog vy I'd Acye
6 avtog yeyovétm 6 tijg BE mog vy AZ* xoal og
8v dpa mpog &v, mavra [éotl] medg mdvia® Foriv Goa
xal &g 84y 1) AE mpdg SAny vy I'Z, otrwg 7 AB
neog v I'd. ovuusrgog 02 % AB vy I'd unxe
aVppcrgog doa xal v AE pdv vij I'Z, % 8t BE tj
AZ. nol af AE, EB ¢qral eler dvvaps udvoy ovu-
pevgos” xal af I'Z, Z A dge ¢nval slor dvvause uovov
avpperpor [amovopn dga dotiv 1) I'4.

Aéyw 01f, 010 xod v votker y avry v AB)

"Ensl ovv éoriv dg ) AE medg mqv I'Z, ofrwg 13
BE mgog iy AZ, évaldat doa éotlv mg ) AE meog
v EB, otrwg ) I'Z mgog tiy ZA4. #vor 0y 7 AE
vig EB ucifov 0vverar v amd ovpufroov favef %
e amo aovuuéroov. & udv ovv § AE vig EB pcitov
dvvarar 16 amd ovpuéroov favri, xal § I'Z vig Z4
uetfov Ovwioeron T dmo ovupsrgov favrf. xal &
udv ovpucrgdg éotiv v AE iy dexauévy dnri wixse,
el y T'Z, & 0t ) BE, nal ) AZ, & 0% ovdsrépu
tév AE, EB, xal ovderépe tov I'Z, ZAd. & 0% q
AE [vfig EB] peifov dvverar tg dmd acvuuétgov
éoves, xal % T'Z vijg Zd peifov dvvieeror ¢ axod
agvpuérgov favrf. xal &l uiv ovpperedg éotww § AE
vfj éxxsipévy ey pijxer, xal 9 I'Z, & 0% v BE, xal

1. 9y BE] avtj 5 EB 9. AE] om.p, 4 B. 3. 6] (prius)
om. . AZ2] Zd4B. 4 édovl] om. P.  Zouw &ou] om.
Vo. b olnpdea V. 7. &ee] doa doté Vo (del V). ~ xal]
om. 9. piv AE Vo (post AE hab. uév F). BE 8¢ BFb,

tfj] supra ser. V.m. 1, 8. 4Z] Z4 BF. el of] xal
gloww of V, of 8¢ B. glot] om. V. 10. emotour} — 11.

AB] om. P. 12, oﬁv]g&p heon (BFVb). A4E] corr. ex
EAV. 18. =] om. B, m. 2 F. Z4F. - dpa] om. V.
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sit. itaque 4E, EB rationales sunt potentia tantum

4 B E commensurabiles [prop. LXXIII].
! ' fiat BE:AZ=AB:I'4 [V], 12].
r 4 Z quare etiam ut unum ad unum,
ita omnia ad omnia [V, 12]. itaque 4E:I'Z = 4B:I'A4.
uerum AB, I'4 longitudine commensurabiles sunt,
itaque etiam AE, I'Z et BE, 4Z commensurabiles
sunt [prop. XI]. uverum AE, EB rationales sunt po-
tentia tantum commensurabiles. itaque etiam I'Z,
Z A rationales sunt potentia tantum commensurabiles
[prop. XII].

Tam quoniam est 4 E:I"Z=BE: AZ, permutando
[V,16] est AE:EB=TZ:7Z4. AE? igitur EB?® ex-
cedit quadrato rectae aut sibi commensurabilis aut
incommensurabilis. iam si 4E? excedit EB? quadrato
rectae sibi commensurabilis, etiam I'Z% excedet Z 42
quadrato rectae sibi commensurabilis [prop. XIV]. et
sinve 4E rationali propositae longitudine commensu-
rabilis est, etiam I'Z ei commensurabilis est [prop.
XII], siue BE, etiam AZ [id.], siue neutra rectarum
AE, EB, etiam neutra rectarum I'Z, Z 4 [prop. XIII].
sin 4E? excedit quadrato rectae sibi incomménsura-
bilis, etiam I'Z*® excedet Z4% quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue A4 E rationali
propositae longitudine commensurabilis est, etiam I'Z

14. 8%] om. P, ¢ BV. 15, 1] corr. ex tov m. 2 P.  16.
Ante & ins. xal (?) m. 2 F. &l] e corr. V.  17. dovppérgov
B, corr. m. 2; a- supra add. m. 2 F, tie] e F. 18,
acvppévgov B, et F, sed corr. 19. 4E] 4€ e corr. F. 20,
T'Z)| ZT' F. 21. ovdetépe] obderépa P. ~ 22. 1ij¢ EB] mg. m.
1 P.  ddvarer] supra add. oz m. 2 F, dvwvijoeren b, ovp-
pérgov P, corr. m. 1. 23. fj¢] corr. ex 77 V.
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n AZ, & 0% ovderépe viv AE, EB, ovdstépa tav
Iz, z4.

Amovopy doa dotlv q I'd xal ©fj take 3 adry i
AB* Omep &0s detéar.

b o0’

‘H zf) uéong amworouf) 6vuuergog uéeons axo-
tour é6te xal vy vakse 1 avr]

"Eovw udons dmoropn 7 AB, xal vj AB pijxe
ovupetgog fotw 1 I'4* Aéyw, Ove xal 5 I'd péeng

10 amovouy dove xal v vakee ) avry Ty AB.

‘Enxel yop péong amovoms otwv 7 AB, iore adri
mpocaguofovee 7§ EB. of AE, EB apa péoor zlol
dvvduse udvov ovuuergor. xal yeyovérm wg § AB
npog v I'd, otrwg % BE moog tyy AZ* 6vuustpog

15 @oe [éotl] xal 7 AE ©vf) I'Z, ©) 0% BE ) AZ. of 0%
AE, EB yéoer slol dvvaps puovov evppergor xal af
T'Z, Z4 age pdoar slel dvvdapss udvoy evuustgor’
uéong dea amovopt) éotw n I'd.

Aéyw 01, Sve xel vij vdker éotly ) avry vi AB.

20 Emel [pdg) éovwv wg 9 AE meog iy EB, otrag
n I'Z mgog vy ZA4 [aAX’ ag pdv % AE mpdg wiv
EB, ottwg 70 and tijg AE medg 1o vmod tav AE, EB,

1. o98ezéea] (alt.) 0682 0dds7éea BV b; 000¢ m. 2 add. F, sed
euan, 8.zjj ABJom.F. 4.08mze £det deifas] comp. Pb, om. BV,
6. péop BFVb. péen BV, et F, corr. m. 2.  d=movopijs b
(o supra add. F m. 2). 7. éomv P. 8. uéon BFb, et V
(o fuit add. m. 2, sed eras.). gijxer] m. 2 B, om. FVbh., 9.
Liym 85 V. péon B, et F supra add. ¢ m. 2; in V add. ¢
m, 2, sed eras, 10. éot7 P. 11. péen B. aﬁrf]} 7V,
ebej 7 Fb. 12 4] atrj 4 V. AE] EA BFb. tloly B,
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ei commensurabilis est, siue BE, etiam 4Z [prop. X1I],
siue neutra rectarum A4 E, EB, neutra rectarum I'Z,
Z 4 [prop. XIII].

Ergo I'd apotome est [prop. LXXII] et ordine
eadem ac A B [deff. tert. 1—6]; quod erat demon-
strandum.

CIV.

Recta mediae apotomae commensurabilis mediae
apotome est et ordine eadem.
4 T Sit 4B mediae apotome, et rectae 4B
longitudine commensurabilis sit I'd. dico,
BI etiam I'd mediae apotomen esse et ordine
eandem ac 4B.
EL 4 nam quoniam 4B mediae apotome est,
sit EB ei congruens. itaque 4E, EB mediae
“Z gunt potentia tantum commensurabiles [prop.
LXXIV—LXXYV]. et fiat [VI, 12] 4B:I'd = BE: AZ,
itaque etiam AE, I'Z et BE, 4Z commensurabilas
sunt [V, 12; prop. XI]. uwerum AE, EB mediae sunt
potentia tantum commensurabiles. itaque etiam I'Z
Z 4 mediae sunt [prop. XXIII] potentia tantum com-
mensurabiles [prop. XIIT]. ergo I'd mediae est apo-
tome [prop. LXXIV —LXXYV].
Jam dico, eam ordine quoque eandem esse ac 4 B.

14, obtog — JZ] wg. m. 1 P. 3} corr.exom.2 V. 18,

lotl] om. P, dotiv B. = AE] AE pév BFb.  16. xaf — 17,
ooppeteor] mg. m. 2 B.  17. I'Z] Z e corr. V.  18. péon B,
dworopns V. 19. 1éyw] deixtéoy Theon (BFVD).  37]

corr. ex 02 6zt m. 1 F; 84V,  {foviv] om. Theon (BF VD).
20. ydée] om. P. ovtag dotiv F. 21, vjv] om. BFb.
eV’ — p. 886, 2. Zd] om. P,
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ag 0t yy I'Z mpdg v ZA, ovras vo and vijg I'Z
7edg 10 Tmd vav I'Z, ZA), é6rwv &pa xal o 1o amo
viig AE mpog 10 vmd tov AE, EB, ovrmg 10 dmo
rijg I'Z mpog 16 vmd vév I'Z, Zd [xal évaldaf &g
10 axd tijg AE mpdg 6 amd vig I'Z, ovrmg v0 Umo
16v AE, EB mdg ©6 vnd réov I'Z, Z4]. evuusroov
0t 70 ano tijg AE 6 and vijc I'Z° evppcroov dpu
éorl xal 0 Umd vdv AE, EB v¢ vnd tov I'Z, 2 4.
&lte ovw gnrdv éoe 10 Vwd tvév AE, EB, dnrov Eorau
xel ©0 vmo vov I'Z, Zd, &z péoov [éorl] ©o vmo
vév AE, EB, péeov [é6rl] xal 70 vmwd ey I'Z, Z 4.

Mions doa amorous] éetiv ®) I'd xal tfj vdfe 3
avry v AB* 8mep 06 dsitar.

o¢’.

‘H v} éAc660ve cVupergog éddaoav otiv.

"Eor@ pap éAdoowv 1) AB xal ©ij AB 6buusrgos
7 I'4" Adyw, 81 xal 3 I'd éidocav éorlv.

Teyovérm pag v avre* xal énel of AE, EB dv-
vaper eloly devpuergor, xal of I'Z, ZA &dga Svvdust
sloly aovpuergol. énmel ovv oty g ) AE mpdg Ty
EB, ottwg % I'Z mdg v Z 4, Eorwv dga xal og 70
and tijg AE mpdg 70 ano tijg EB, otrws 10 axd Tijs
I'Z mpog 70 aml tijg Zd. ovvdévr dea f6tlyv og 1a
énd tov AE, EB mpdg ©0 amo vijs EB, otrag 1o
ano tvov I'Z, Z A4 meog ©o and tijg ZA [xel évaddak]

1. I'Z] (alt) ZI'F. 2. og]l om. . 4. xal — 6. Z 4]
ao. P, 6. zov] (alt) om. b. 9. EB] B in ras. m. 1 P.
forar] dere Theon (BF VD). 10. dor(] om. P 11. éord]
om. P, 12, pdan BVb. 13. Gmeg #3s1 Seikar] comp. P, om.
BFVb.  15. zj] corr.inzijg m,. 2 F, zijcb. laegor:] Zlacsov
F m. 1, éidocovos b, F m. 2. Deinde del. wijxee F. ~16. yetg]
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quoniam est AE:EB=TZ:Z4 [V, 12; V, 16}, erit
etiam [prop. XXI lemma]
AE? : AEXX EB=TZ*:TZ><Z4d.

“uernm AE? I'Z? commensurabilia sunt. itaque etiam
AE > EB, I'Z >< Z4 commensurabilia sunt [V, 16;
prop. XI]. siue igitur 4 E><EB rationale est, etiam
I'Z >< Z 4 rationale est [def. 4], sine 4 E><EB me-
dium est, etiam I'Z>< Z 4 medium est [prop. XXIII
coroll.].

Ergo I'd apotome est et ordine eadem ac 4B
[prop. LXXIV —LXXV]; quod erat demonstrandum.

CV.

Recta minori commensurabilis minor est.

Sit enim 4B minor et rectae 4B commensurabilis
I'4. dico, etiam I'/ minorem esse.

nam fiant eadem. et quoniam A4 E, EB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, ZA4 potentia incommensurabiles
TB sunt [prop. XIII]. iam quoniam est 4E: EB
IE 7 =rz:z4 [V, 12; V, 16], ert etiam
AE?: EB*=1TI7%:Z 4* [V], 20 coroll.]. itaque
etiam componendo [V, 18] est
AE*+ EB?:EB* =TZ%+ Z4°: Z 4%

-4 -

om. Theon (BF VD). 17. I'4] (prins) I' e corr. m. 1 F.

doz/ PBV, comp. Fb. 18. adro roig meorzgoy V. 19,
T'Z} Z e corr, m. 1 b. 20. zzj»] om. Bb. 21, 1:1)1'] m. 2 F.

23. Z4] A4Z B.  {otly] supra ser. m. 1 V. zd] corr. ex
té m. 1 24, zav] viig P.  otte Bb. 25, Z 4] (prms)
supra scr. m 2 F (Z incertum est). = xal dvodddé] om.
Dem del. og 76 amo Tijs BE neog 76 dno viig Zd, ovreg ta
&mo tov AE, EB mgog 1a ano tov I'Z, Z4 V.

Euclides, edd. Heiberg ot Menge. IIIL 22
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ovuuergov 0¢ fove vo axd vis BE 16 amo vig AZ-
ovpueTQoy dpa xal TO Cuyxslpevov ix TGV 4md TGV
AE, EB tstpayavov 16 ovpxauive & tay amd tov
I'Z, Z 4 vevpayovav. ¢yrov 0€ dort 10 ovyxelpsvov
5 éx Ty amd tov AE, EB tesroapsvav: $nidv dea
éorl xal 10 ovpxslusvov éx tov amd rov I'Z, Z4
rergaydvey. wnddw, énsl oty @g O and tijg AE
neog 0 tmwo vév AE, EB, ovieg 1o axo vig I'Z
7weog 70 vmd vdv I'Z, Z A, evpucrgov 0t vo and i
10 AE tevgayovor 16 and g I'Z zergaydve, ovu-
petov doa éotl xel T6 vxd tov AE, EB 16 9o vév
I'Z, Z4. uéoov 0t ©6o Umd vdv AE, EB uédov
doa xel vo vmo vév I'Z, ZA* of 'Z, Zd @oa Ov-
vdus eloly devupcroor mototoar TO piv ovyxsiuevov
15 & 1Y dn’ adrov Tergaydvay ¢nrov, 1o 0 U’ avtov
péoov.
‘Eddeowv &pa fotly 7) I'd* 8msp éder detfau.

os’.
‘H tfj peve ¢ntov pédov to Glov motovey
20 CUURETQOg wETa $NTOV WEGOV TO GAOY WpLoDOw
écruiv. '
"Eorw psra $nrov pécov td GAov mowovca y AB
nal ©) AB evupcrgog n I'd" Aéyw, One xal 9 I'd
peve dnrov uégov 1O 6Aov moiovod foTiv.
265 'Eote pag tij AB mpocapudfovox y BE' af AE,
EB dge dvvaps sloly dovppergor movovder To updv
ovyxslusvov éx tév and rov AE, EB tevpapdvev

1. douiw P. té]corr.ex to m. 1 Fyexza ) V. 4Z]
Z4P. 8. rereaywvoy Pb et comp. ins. m. 1 V. 4 I'g,
4dZ b, 6. ¢nral F, sed corr. 6. éocl] &lol F. 7. %6}
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uerum BE? 4Z* commensurabilia sunt. itaque etiam
AE? 4 EB?® et I'Z® + Z4* commensurabilia sunt
[V, 16; prop. XI]. uerum AE® -4 EB? rationale est
[prop. LXXVI]. itaque etiam I'Z® 4 Z4® rationale
est [def. 4]. rursus quoniam est
AE: AEX EB==TZ*:TZ><Zd

[prop. XXI lemma], et 4 E* I'Z% commensurabilia sunt,
etiam AE > EB, I'Z >< Z4 commensurabilia sunt.
AE><EB autem medium est [prop. LXXVI]. quare
etiam I'Z >< Z4 medium est [prop. XXIII coroll.].
itaque I'Z, Z 4 potentia incommensurabiles sunt effi-
cientes summam quadratorum rationalem, rectangulum
autem medium.

Ergo I'd minor est [prop. LXXVI]; quod erat
demonstrandum.

CVIL

Recta rectae cum rationali totum medium efficidnti
commensurabilis recta est cum rationali totum medium
efficiens.

Sit 4 B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4. dico, etiam I'A
rectam esse cum rationali totum medium efficientem.

nam BE rectae 4B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes 4E? - EB?

om. V. 9. Post ZJ add. xol évellc§ BFb, 13, &ea dorl
xal BFb. Z4] (alt) Z in ras. m. 1 B. 17. 8meo £des
dzifar] comp. P, om. BFb. De additamento in V u. app.
nr. 24. 19. motovoy pijxog F. 20, Ante psra add. xei
atr) BFb, m. 2 V.~ mowodica o GRov b.  22. woiodoa 7o
Glov V. 24 to Sloy pésoy b. 256. BE] E e corr. m. 1 P.

22*
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uéeov, 0 & vr avrov $nrév. xal T avve xave-
oxcvaddw. Opoiwg 07 deffousy volg mpdregov, ovt al
T'Z, Z4 é v avrg Ay &lol taly AE, EB, xal
evuustedy é6tL 1O Gupxsiuevov éx tdv and tov AE,
EB vetpaydvav ©6 cvpxepdve éx tdv dxd tév I'Z,
Z A4 vevpaydvev, 16 0t Und tév AE, EB 16 vmd
rov I'Z, ZA4- dove xal of T'Z, ZA Svvape sloly
Q6VUUETPOL ToLoDoaL TO udv GUyxeluevov é TGV Amd
tov I'Z, Zd zerpayavov uddov, 16 0 vn’ avrov
gnrdv.

H I'd éoa psra ¢nrov péoov td 6dov moroved
doviv' omep £0eu Oetfa,

of’.

‘H ©fj peve uéoov puégov 76 GAov moiovoy
6vupsToog xal avTy pera pédov uédov ro oy
moLov6a é6TLV.

JEore perd uédov uioov o 8lov mowovea 7 AB,
xal tfj AB éorw ovuppergog 7 I'd: Adym, Oti xel 9
I'4d yera péoov péoov 16 GAov mooved domww.

"Eotw yao vfj AB mpocapudtovee % BE, xal ta
avtd xareoxevacdn' of AE, EB &oa dvvaus sloly
aevuusTgoL mowovoaL T6 TE cupnslusvov & Tdv ax’
alroY Terpaydveov pédov xal v Un altev uécov
xel &TL dovuusTeoY TO GUyxEluEvOY X TOY GW avTdv
retoay@wvey T VW auvidv. xal &ow, og £0&lyd,
of AE, EB odpusvgor tatg I'Z, Z A, xol ©0 ovynsi-
pevoy & tév ant tév AE, EB rerpaydvov tg ovy-

8. tp] e corr. V.  elofv B. 4. 6] o uév Bb, pév
supra ecr. m. 2 F. 6. é» I'Z — 6. EB] mg. m. 2 B (vév
AE, EB etiam in textu sunt a m. 1). 6. 8" Fb. 12, 8=ee
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4 - medium, 4E>< EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
igitur atque antea [p. 336, 20 sq.] demon-

,B strabimus, esse I'Z:Z4 = AE:EB, et

1E (4 AE*4EB),I'Z°+4ZA4*ac AE<EB,I'Z><ZA4

commensurabilia esse. quare etiam I'Z, Z A4
~Z potentia incommensurabiles sunt efficientes

I'Z? 4- ZA* medium, I'Z >< Z 4 autem rationale.

Ergo I'd recta est cum rationali totum medium
efficiens [prop. LXXVII]; quod erat demonstrandum.

CVII.

Recta rectae cum medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est.

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'4. dico, etiam
I' 4 rectam esse cum medio totum medium efficientem.
-4 - nam BE rectae AB congruens sit, et
eadem comparentur. itaque A4 E, EB potentia
incommensurabiles sunt efficientes summam
B quadratorum mediam et rectangulum medium
I T4 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVIII]. sunt
“Z autem, ut demonstratum est [p. 334, 14 sq.],
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE®+ EB®, T2+ Z4* ac AE><EB, I'Z>< 724

E

£3e Oeikon] comp. P, om. BFb. De V u. app. nr. 25. 14.
uocoévg pnxee F, 18. #otw] om. BFD, 21, doa] m. 2
euan. . 26. adzov F.
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xepéve éx tov amo vdv I'Z, Z4, o 8t vro tav
AE, EB ©g 9n6 vov I'Z, ZA" xal of T'Z, Z4 éoa
dvvdps sloly dovpusTeor xoLovear 16 TE Guyxelucvoy
& 1dv ax’ avTdv TETQUydVOY NGOV %l TO U avtdy
uéooy xal &t devppergov To cvpxelpsvov éx Tév ax’
avtay [terpaydvev] t¢ vm attov.

‘H T'A &pa peta péoov uéooy vd Olov woiovad
dotiy Gmep e Oetbau.

’

on.

’And §nrov uéeov dpaitgovuévov 1 Td Aotmdv
goolov Svvauévy pla 0vo dddywv ylverar froL
amoroun 1 éAddcwv.

'Ano yap ¢nrod tov BI' uéaov agqeiedw t6 B4-
Aéyw, 8t n vo Aowmdv Svwepdvy vd EI ple Yo
aldyov plverar fror amotous 1) Adocev.

‘Exxeiodo yoo énry 9 ZH, xal vé udv BI lsov
maoe Ty ZH nmogefepfliodo Sodopdviov magadinid-
yoappov v0 H®, 16 0t 4B loov apneiede vo HK:
Aoumdv &g vd ET igov éotl vdh AO. émel odv gnrov
uév éovs ©o BI, uéeov 8% o B4, leov 0t 16 uiv BI'
16 HO, 76 0% B4 ¢ HK, gyrov pdv doa éori td
HO, uéoov 0% v6o HK. xal maga $yqrqv vy ZH
nogoxser: Onry piv dea | ZO xol evupergog T

176 8¢ — 2 xal] mg. m. 2 F. 3. 7] om. P. 6. v
toayevey] om. P. 8. omep €der deika] comp. P, om. BFD.
10, Post ¢nrot del. xaf F.  11. ylyverew BFb. 12, {ids-
tov PVD. 13. BI'] in ras. V. 14. lotmov yweiov BFb.
w0 ET (?vvap,svn BFb. 15. 16ywy F, corr. m. 2. yi-
yveror BFb,  f1dirov B. 17. Post quaﬁs 11680 del. 1o
HB m.1 P, ras. 4 litt. V.  18. 4B] e corr. V, B4 P. 19
Er) TE B, 40] @4 F. 20. pév] (prius "om. b. 21,
dnrov] bis b. 23. mwagarertar BE, aga éotiv BFb.
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commensurabilia. quare etiam I'Z, Z4 potentia in-
commensurabiles sunt efficientes summam quadratorum
mediam et rectangulum medium praetereaque summam
quadratorum rectangulo incommensurabilem.

Ergo I'4 recta est cum medio totum medium ef-
ficiens [prop. LXXVIII]; quod erat demonstrandum.

CVIIL

Spatio medio a rationali ablato recta reliquo spatio
aequalis quadrata alterutra rectarum irrationalium est
aut apotome aut minor.

nam a spatio rationali BI" medium auferatur B .
dico, rectam reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut apotomen aut
minorem.

ponatur enim rationalis ZH, et spatio BI" aequale
rectae ZH adplicetur rectangulum H@®, spatio autem
A4 B aequale auferatur HK. itaque reliquum EI'= 46.
iam quoniam BI" ra-
tionale est, B4 autem
medium, et BI'= H®O,
BA = HK, HO ratio-
nale est, HK autem
medium. et rationali
ZH adplicata sunt.

( *"*’I itaque Z@ rationalis
= est et rectae ZH lon-
gitudine commensura-
bilis [prop. XX], ZK autem rationalis et rectae ZH
longitudine incommensurabilis [prop. XXII]. quare
Z@®, ZK longitudine incommensurabiles sunt [prop. -

4 E B

e K Z
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ZH pixse, $yry 0t n ZK xal acvppstgos v ZH
pijxeL* aovpperpos dpa fovlv 1) ZO tf ZK uqxe. ol
ZO, ZK dou fnral slov dvvdpst pdvov ovppergor:
amorvouy &pa Zetlv 1) KO, mpocapudfovox 8% avrii %
KZ. vou & 5 OZ vijg ZK peifov dvvaras 16 dnod
ovppérgov 1 of.

Advvdede meérepov T amd cvpusroov. xal éomiy
0An 7 OZ ovppergos ij dxxeipévy fnry wixe vy ZH-
axorouy &oa mpdry éfotiv 7 KO. 16 8 Omd $yrig
xal o’movoyﬁg ngah"qg wegegopevoy 1 dvvaudvy émo-
zom) doviv. % dpa TO AO, tovréeTs 70 ET, dvvapéry
anovopi) é6TLv.

E¢ 8% 7 ®Z vijg ZK peifov dvvarar t¢ amd acvu-
pérgov favri), xal dovww Ay §) ZO ovuperpogs Ti éx-
xewpévy Onrfi wixes v ZH, amorouy tevdgry doriv 4
K®. 15 & vmo {nris xal dmovouic Tevdermg megi-
eyduevov % dvvapévy éhdcemy éotly: Omep E0el dsttar.

0?9’

‘Ao pédov ¢nrov apaigovpévov &ddar dvp
dAoyor ylvovzar 7jtor uéeng amoToun mMEAWTY 7
pera gnrov. péoov To Gdov morodoa.

And pag péeov tov BI' §nrov agperode 10 BA.
Aéyw, 8v 1) 10 Aoumdv vo EI dvvepévy ula dvo didyov

1. ZH] (prius) HZ F. 2. Post ﬁnnu (alt.) add. xasl
slow ayq:ouqou. nral b, 20] 0Z glowy P. 4.
8] 8’ P. 5. 2K g. 61;! P aé BFb et supra scr. m. 2V

@Z] ZO b, 6. advpp zoov P, n of ] éavry n % dno

aavypsreov BFb. 7 — 1. avppéteov] mg. m. 1 7 0
corr.-ex 76 m. 1 b, m. rec. P dovppdroov P. 8. ez
corr. ex ZO V, 20 F. § BFb. 10. mequeyduevoy
om. BFb. 11. 1] ins. m. 1 B 6] (prius) ins. m. 2

13. ®©Z] inras. b, ZO F. 7zijg] tijt b. ovppéreov V, corr.
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XIII]. itaque Z®, ZK rationales sunt potentia tantum
commensurabiles. quare K® apotome est [prop.
LXXIIl], KZ autem ei congruens. iam @Z? excedit
ZK?® quadrato rectae aut commensurabilis aut incom-
mensurabilis.

Prius excedat quadrato commensurabilis. et tota
@Z rationali propositae ZH longitudine commensu-
rabilis est. quare K@ apotome est prima [deff, tert. 1].
recta autem spatio comprehenso recta rationali et
apotome prima aequalis quadrata apotome est [prop.
XCI]. ergo recta spatio 4@, hoc est EI', aequalis
quadrata apotome est.

sin @Z? excedit ZK? quadrato rectae sibi incom-
mensurabilis, et tota Z® rationali propositae ZH
longitudine commensurabilis est, K® apotome est
quarta [deff, tert. 4]. recta autem spatio comprehenso
recta rationali et apotome quarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur aut mediae apotome prima aut
recta cum rationali totum medium efficiens.

A medio enim BI' rationale auferatur B4. dico,
rectam spatio reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut mediae apotomen

m 2. 14 ©Z BF. 15. ZH]} corr. ex ZO m. 1 F.  dno-

topn) dea BFb. 16. 8¢ B. 17. Post Zotlv add. % dex to

(om. b) 46, rovtéar o EI, dvvepivy éiacowy éoriv BF, mg.

m 1b. omeg £8e: Seikou] comp. P, om. BFb. 19. Post

ané add. o b, m. 2 F.  20. yéyvovrer B. péonp B. 292,

and] corr. ex vmé V. dné — Bd] bis b. 23. ple] om. b.
Aoyoy b.
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yiveran fiTol wéeng amorouy mMEWTY 1) weTe §RTod uécov
70 8iov mosovoa. '

‘Exxslo®w pep ¢nvy % ZH, xal magafefiiodo
opolmg ta ywole. Zoti 07 dxodovdwg ¢nry piv 4 2O
xal aevppsreog vy ZH wixes, ¢nry 0t 7 KZ xal ovyu-
pergog vij ZH piners of ZO, ZK doa ¢nrai sloc
duvdus pudvov edupctoor dmozouy Fea fotiv § K6,
mpocapudfovoa 0% tavry 4 ZK. iroe 89 ) OZ vig
ZK peitoy dvvarar Te dmo Gupusreov favti 1 TG
and cevpuéToov.

El ptv odv % OZ tijg ZK psitov dvvaras 16 and
cvupérgov favrfj, xai oty 1 mposaguofovoe 1) ZK
ovppetgog vij bexsipévy gnry wixer T ZH, amorouy
devtépa dovlv ) KO. ¢nry 8t 7 ZH' dore 7 ©0 A6,

16 Tovtéors 10 ET, dvvapdvy udong amorouy medty éotiv.

20

E¢ 0t 5) OZ tijg ZK peifov dvvarar T dmo aovp-
uéroov, xal éoriv 1 mpooapuofovea ) ZK ovpusreos
i éuxeipévy Onrij pixee i) Z H, amovous) méumwry dorly
7 KO dove 5 16 EI' dvvapévy usta gnrov péoov
70 6dov morobed éoTiv Omep &0er Ostkou.

o
‘Awd péeov péoov agaipovuivov devupé-

1. yfyverae Bb.  péay Bbh. 4. forwv P.  87] corr.
exdém.2B, 8 Fb. b6 xef] om. 9. ZH] ZIb. ZKB.
6. ZO) @Z P.  eloww P.~ 8. avry BFb. %] 8¢ BV.
©Z] in ras. m, 1 b, 10. ovppérgov V, corr. m. 1. 11,
0z2] 20 V. 14. Post ZH add. 0 8k vmo ¢nrijs nal dxo-
zopns Osvtigas 1 Svwvapévn uéons omovoprj dote medrqp b, F
mg. m. 2, 15. zovtéoriy P. péon BF.  low meaizn V.
16. ®@Z] inras. V, ZOP. 17, ua{ﬁ éavrfj, xal BFb. 18,
prixe] om. b, 19. X8] @K F. Post EI' del. ymefov
m. 1 P 20. omee #3er deifar] comp. P, om. BFb, 22.
uéoov] (alt.) supra scr. m. 1 P, uéoov supra ser. m. 2 F.
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primam aut rectam cum rationali totum medium effi-
cientem.

ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem modo [p. 342, 19 sq.] se-
) g duitur, ZO rationalem esse
et rectae Z H longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
4 4T mensurabiles [prop. XIII].
ergo K® apotome est [prop.
LXXTII], ei autem congruens
ZK. iam ©Z® excedit ZK? quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

iam §i @Z® excedit ZK* quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, X® apotome est
secunda [deff. tert. 2]. Z H autem rationalis est. guare
recta spatio 4@, hoc est EI, aequalis quadrata mediae
apotome est prima [prop. XCII]. sin ®Z? excedit ZK*
quadrato rectae incommensurabilis, et congruens ZK
rationali propositae ZH longitudine commensurabilis
est, KO apotome est quinta [deff. tert. 5]. quare recta
spatio EI" aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]}; quod erat de-
monstrandum, '

B E zZ K

H 4

CX.

Spatio medio a medio ablato toti incommensurabili
reliquae duae irrationales oriuntur aut mediae apo-
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Toov t® O0Aw af Aowmal dvo dloyor ylvovrar
fitor upéeng amoroun Osvrége 17 pETra pécov
péoov 16 GAov motovoe.

‘Apnenodw poe ag nl Ty mpoxapfvov xara-
yoapdv dxd uéoov rov BI' uéeov 16 Bd aevupcroov
t6 Ol Afyw, Ote f) 0 ET dvvauévy ple éotl 8o
dAdywv firor upéons dmoroun Odsvripa 1 pere piéov
uéoov o Glov morovoa.

'Enel yap péoov éotlv énavsgov tov BI', BA, xal
acvppergoy 0 BI' 1 Bd, Zovar axolovdag énry
énerépe tav ZO, ZK xal dovpucrgog ) ZH uijxer.
xel éwel aovpperoov éore vo BI' v Bd, Tovréers 1o
H® ¢ HK, devppsrgog xal 1) OZ 15j ZK* of Z6,
ZK dox fnral elor Svvduer povov 6UuuETQOL dmo-
rouy dpa éotlv n KO [mpocapudfovoe 0% 7§ ZK. 7jroc
M n 20 tﬁg ZK pcifov dvverar T dmd cvuuéroov
7 16 and advyyatgov favrg).

EZ udv d‘n 7 2O tiig ZK psitov Gmfarat TG and
ovpuéroov favrfj, xal ovderépn THV ZO, ZK vy~
pereds éore Ti) éxxewpévy onrii wixe vfj ZH, aworouy
tolty éotlv ) KO. ey 02 5 KA, v6 & vmo $yriig
xal amoroung TElTng MEQLEYOUEVOY Spdoyaviov &Aoydy
dorw, xel 7 Svvepdvy avtod Gloyig éoviv, xadsivas O}

1. ylyvovron B 2. péen Bb. 6. Bd] Becorr. V. 6.
doriy B. 7. péoy Bb.  pevd] pevd vov P 12, domw P.
Deinde add. vmwéxeirer P, ot V, sed del. 13, xal] éors nal b,
dovy el B. ol xal 4 b 28] ©Z FV. 14. ZK
6K P. 15. éot/v] om. Bb.  meosaeuofovee — 17. favey
om. P, mg. V. 16. 87] 8¢ BV. 18, 37 oty BFb. ze
©Z B. 2K} Z postea ins, V. 19. ovdsréoa V. 1Y
corr. ex 1o m. 2 V. ZO) OZBbetinras. V.  20. dons
om. Fb. " 21, KA] corr.ex KA m. 2 F. 4’] 8 BFb. 23.
46v. PBV, comp. Fb; item alt.
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tome secunda aut recta cum medio totum medium
efficiens.
Auferatur enim ut in figuris iam propositis [p. 347)]
a medio BI spatium medium B4 toti incommensu-
_rabile. dico, rectam spatio EI’ aequalem quadratam
alterutram esse rectarum irrationalium aut mediae
apotomen secundam aut rectam cum medio totum
medium efficientem.
nam gquoniam utrumque BI, B4 medium est, et
BI', B4 incommensurabilia’), similiter concludemus
{p. 342, 19 sq.], utramque Z®, ZK rationalem esse
et rectae ZH longitudine incommensurabilem [prop.
XXII). et quoniam BI, B4, hoc est H®, HK, in-
commensurabilia sunt, etiam ®Z, ZK incommensura-
biles sunt [VI, 1; prop. XI]. itaque Z@®, ZK ratio-
nales sunt potentia tantum commensurabiles. -ergo
K® apotome est [prop. LXXIII].
iam si Z@? excedit ZK*? quadrato rectae sibi com-
mensurabilis, et neutra rectarum Z®, ZK rationali
7z k e propositae ZH longitudine
commensurabilis est, K@ apo-
B E ' tome est tertia [deff. tert. 3].
verum K. rationalis est,
rectangulum autem recta ra-
tionali et apotome tertia
comprehensum irrationale est,
et recta ei aequalis quadrata
" irrationalis est, uocatur autem mediae apotome se-

1) Cum uerba xal dodpuergov 76 BI' v Bd lin. 9— 10
nihil faciant ad demonstrandum id, quod sequitur, non immerito
ab Alugnsto omittuntur. Gregorius omisit forar lin. 10 — zi
B4 lin. 12,

A 4 I'H 4
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péong dmoroun devtépa’ dove 1 10 A@, Tovréore 1o
ET, dvvapdvy upéong amovopr) ot dsvréga.

El 0 71 20 vijg ZK petfov dvvarar 16 dmd dovpu-
pérgov faveyj [pixe], xal ovderépe tdv OZ, ZK
oVuustog fove tff ZH piixes, amovoun Exry éoviv
K6. 15 & vmd nrijs xal amovouijs Extng 9 dvve-
pévy éorl pera péoov uéoov to Olov moiovda. 7 1o
A0 é&ga, rovtéor: vo EI, dvvaudvy peve pégov pioov
16 Odov mowoved foviv Omep éder Oslau.

o’

‘H amotousn ovx E6riv 7 avry i éx 8vo
Svopdrav.

"Ectw amovoury 1 AB' Aéyw, 8t % AB odx Eotwv
1 abr) v éx dvo dvopdrmv.

E¢l yop Odvvardy, dotw’ xal éxxelodw ¢yvy v AT,

- xel T amd vijg AB loov maga Ty I'd magafefiicdan

20

dpdoysviov t6 I'E miavog wmowovv vy AE. Zmel
ovv amotour} éoriv 1) AB, dmotouy meaty éeriv 5 AE.
dotw avrf] wgosaguofovee §) EZ' of AZ, ZE &pa
¢nral &lor dvvduss pdvov ovupetgor, xal § AZ zig
ZE psitov 8vvarar T ano cvppéroov favefj, xal §
AZ cvppereos ot th éxxepdvy dnrh wixee v AT
wahw, €xsl éx 0vo dvoudrov dotly ) AB, éx dvo dpe

1. dmotouy péon B. domeg FV. 6] om. b.  rovr-
éoriv B. 18] 5 vo Bb. 2. péon B.  ferly dmoropsj Fb.
8. 20) ©Z Bb et inras. V. ovupérgov V, corr.m. 1. 4.
wixes] om. PV.  ovderépe FV. &5 Zom] om. Bbgp. 6.
8¢ Bb, 7. fori] dorw 7y BFb. %] dore 5} BFb, et o corr. V,
8. &oa] del. V, om. BFb.,  zovtéomw PB,  Ante 7o add.
nm 2F, 7 perd F. 9. Gmee #35 dsifer] comp. P, om. B.
11. 7] supra scr. m. 1 b, 18. 5§ AB] (alt) om. 9. 15,
A4r)] in ras. m. 1 P. 16. ¢nrir mjy BFb. In sequentibus
malta renouata et euan. in F,  18. doa meadry b.  19. adry]
adth 4 b. 21, dovupéreov B, sed d- eras.  28. Fou] om.'g%.
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cunda [prop. XCIII]. ergo recta spatio 4@, hoc est
ET, aequalis quadrata mediae apotome est secunda.

sin Z6® excedit ZK? quadrato rectae sibi incom-
mensurabilis, et neutra rectarum ®Z, ZK rectae ZH
commensurabilis est longitudine, KX ® sexta est apotome
{deff. tert. 6]. recta auntem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cum medio totum medium efficiens [prop. XCVI]}.
ergo recta spatio 4@, hoc est ET, aequalis quadrata
recta est cum medio totum medium efficiens; quod erat
demonstrandum.

CXIL

Apotome eadem non est ac recta ex duobus ne-
minibus.

Sit 4B apotome. dico, 4B eandem non esse ac
rectam ex duobus nominibus.

nam, si fieri potest, sit. et ponatur rationalis 4TI
et quadrato 4B? aequale rectae I'd adplicetur rect-
angulum I'E latitudinem efficiens 4 E. quoniam igitur
Al g 4B a.I.)otome est, 4 E apotome

HE est prima [prop. XCVII]. sit

4 = 'Z EZ ei congruens. itaque 4Z,
ZE rationales sunt . potentia
tantum commensurabiles, et 4Z*
excedit Z E* quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 4TI longitudine com-
mensurabilis est [deff. tert. 1].
r rursus quoniam 4B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina diuidatur, et 4H maius
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Svopdroy mowary éotlv ) AE. duencde &l Ta 6vé-
pere xare td H, xal éovw psifov Svope t6o AH' ol
4dH, HE &ga ¢nrel &lor dvvdper pdvov evuusroor,
xal 3 4H vig HE petfov dvvarar 165 and svpuérgov

5 favrd), xal v0 peilov 7§ JH cvuperpds dove TR €xxet-
uévn énrij wixes vj AT, nol 5 AZ &g vfj AH ovy-
perels éote paixer: xol Aowwy Goa v HZ cvupereds
dovs vij AZ wipxer. [émel ovv oVpueteds éomv n AL
) HZ, ¢qoay 04 dovwv § AZ, §yvny dpa dorl xail 14

10 HZ. émel oty ovpusredg éovw ) AZ =fj HZ wixet]
acvuuergog 0t § AZ vy EZ wixs® devuusrgog doe
éovl xal v ZH vij EZ pijxer. of HZ, ZE age
¢nvel [slor] dvvdper povov ovppstgor’ dmorous) &ow
éoviv 4 EH. alda xol ¢y omep dorlv advvarov.

16 ‘H @ga amotour " ovx éotiv 7 adty tfj éx dvo dwo-
potov: omep €06 dsibw.

[H1égiopal. _
‘H émotoun xal af petr’ avryy &loyor obte

tf wéoy odre dlAijlaig eloly af avral
20 To udv pap amo péong mepa Gy mepuPellio-
pevov mAdrog moiel ¢nray mal dovuustoov T1), maQ
v mopdxsital, uixst, v 0 dxd amotoudjs mage Snryy

1. dvopdtwy dox Bb. dotl mewrn F?, medry supra scr.

m 2V, azygnftém] b, mg. m. 1: ye. diyerjede. 4, HE]
EHF. 165] z0o 9. 5. 70 peitov] P, et V, supra scr. 7;
om. b, 5 pelfwoy B; om. ¢, sed post JH lacuna est 6 litt.
7. Ante pixee del. =f) Suxeipévy Gurh pijxer v A m. 1 b,
Aounf doo vij BFV.  HZ] in ras. m. 1 b; ZH F, seq. ras.
1 litt. 8. fome 7] domv 1) BVD et supra scr. % @.  émel —
10. HZ (prius)% om. P, mg. V. 9. HZ] Z ante ras. 1 litt. V.
&otv] om. V. Post ¢nrsj in mg. m. 1 add. prjxer dovy-
pereog m. 1 b. dotiy B, om. V. 10. émed — paue] om.

e e e - e - e
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nomen sit. itaque 4 H, HE rationales sunt potentia
tantum commensurabiles, et 4 H? excedit HE?® qua-
drato rectae sibi commensurabilis, et maius nomen
A H rationali propositae 4I" longitudine commensu-
rabile est [deff. alt. 1]. itaque etiam A4Z rectae 4H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. uerum A4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon.
gitudine incommensurabiles sunt [prop. XIII]. itaque
HZ, ZE rationales sunt potentia tantum commensu-
rabiles, EH igitur apotome est [prop. LXXIII]. uerum
eadem rationalis est; quod fieri non potest.

Ergo apotome eadem non est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali adplicatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem [prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIII], quadratum autem

PV. 11. EZ] mut. in ZE V. dou éo‘r(] Jé in ras. 4
litt. @. 12. doziv P.  Post pnuss add. xaf eloe §nrel mg.
m. 2 B, 13. #le] om. PV. 14, EH] corr. ex HE V, HE
P, EN 9. 1b. 7] (alt.) om. b.  16. onep £0s1 észgwﬂ‘ comp.
P, om. BFb. 117. woewya] om., P, gty" BVDb, que” F. 21.
] b, 22. awé] om. F.

Euclides, edd. Heiherg et Menge. III. 23
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nepofadidusvoy mAdrog WoLsl amOTOUNY WEWTRY, TO

0% amd péons amovoutis mewrng megx dnTny wWepufui-

Aduevoy mAdrog moiel amorouny dsvrépav, To 0 amwd

uéons axovoutjs devrépag mege ¢nry magafeiiousvoy
5 mwAdrog moiel amorouny Teltny, 10 0% amo éAdecovog

nege ¢nTav wagafarlousvov wAdrog mousi axoroumy

teragryy, ©0 0% amd tiig peve gnrod uécov to Olov

moLoveng mwapa Gy magafuridusvov mAdrog mousi

amotopny mwépmrny, 1o 0% amd vijg peva uéoov péoov
10 0 8iov morovang mage ¢y magefalioucvov mwidrog

mowsl dmotouny Extqy. émel odv T slgnuive mAdry

diapéper Tov 18 mPaTOV %0l GAMjAY, TOU Miv MPW@TOV,

8t nre] dovww, dAijAov 0%, émsl vij vaker ovx slolv

of avtal, 0fAov, og xal adrel al ddoyor Suapégoveiy
16 dAdfAmy. xol émel dédeixron 1) dmoroun odx ovee 1

avTy ] é Ovo Svoudrwv, mowoveL 0F mAdty waga:

onT megafailopsvar af perd THY AmOTOURY EXOTONAS

axodovdwg Exaory vy vofe tff xed evviv, of OF

pere Tv éx 0v0 dvoudrov Tig éx 0vo Svoudtov xal
20 aevtal Tf rafer axodovdwg, Ersgmr dga elolv of uete
v amotouny xal Ersear of peve vy éx dvo dvopdrav,
o3 &var tfj tafs mddag aidyovg 1y,

Meon,

‘Ex 070 dvopdrov,

'Ex 0vo pédov memrny,

’Ex .0vo pédov dsvrépaw,

Meifove,

‘Prrov xal uésov dvvapdvyy,
" 1. v 8¢ — 8. devrégav] mg. m. 1 V. 5. éldrrovog Bb,

2
(4]

comp. F. 9. werd] om. F. 11, odw] corr. ex o¢ m, 1 P.
12. medror] gprins) in ras. V. 18, énel] 6m B. 17.
nogeflallopeva F, corr. m. 2.  «f) om. P, supra scr,m. 1 V,
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mediae apotomes secundae rationali adplicatum lati-
tudinem efficit apotomen tertiam [prop. XCIX], qua-
dratum autem minoris rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medium efficientis rationali
adplicatum latitudinem efficit apotomen quintam {prop.
CI], quadratum autem rectae cum medio totum medium
efficientis rationali adplicatum latitudinem efficit apo-
tomen sextam [prop. CII]. iam quoniam latitudines,
quas diximus, et a prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine eaedem
non sunt, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstrauimus, apotomen eandem
non esse ac rectam ex duobus nominibus [prop. CXI),
et rationali adplicatae rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum suum
quaeque ordinem, irrationales autem rectam ex duobus
nominibus sequentes rectas ex duobus nominibus et
ipsae secundum suum quaeque ordinem, aliae sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibus sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media.

2. Recta ex duobus nominibus.
™ 3. Ex duabus mediis prima.

4. Ex duabus mediis secunda.

%.5. Maior.
6. Recta spatio rationali et medio aequalis quadrata.

uév B, of pév b, péy supra add. m. 2 F. 19. zag éx 8vo .
évopdrar] om. V. 20, adrdg b.  slow dox V. 21, of]
om. F.  pevc] naza P,

23*

A
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Avo péoe dvvapévny,
"Amorouv,
Méeng amorouny mearnw,
Méeng amovouny dsvrépav,
5 Eidgoove,
Mere: gyrov uéeov td GAov moioveav,
Msva péeov pésov 16 GAov morovoav.

[e:8".
To anod ¢nrijc mwaga TRy éx dvo dvoudrav -

10 nagaPfaiidpusvoy mAdrog moisl dmoropfv, %g
Tt dvdpara cvpusred é6tL Tolg Tig éx dvo dvo-
pétov dvéuad. xal &ri év 16 avrd Adye, xal
Ere 3 prvouévn amorouy Ty avryy Efer takw
tfj éx dvo dvoparav.

15 “Eorw ¢nry pdv 5 A, éx dvo Svopdrav 0 % BI,
s wsitov Svope éotw 1 AT, xal v dnod tig A ieov
dotw 10 ¥md vév BI, EZ° Adyw, 6vi 7 EZ dmorous]
dotwv, ng o Swdpere ovpusted éov toig I'd, AB,
xal dv TG avr Aby, xal Ere v EZ Ty avryy e

20 ey ¢f) BI.

"Eotw yag molv 16 @xo tig A 6oy T6 VRO TOW
B4, H. énel ovv 6 vmd véwv BI, EZ igov éorl 16
vmd tov Bd, H, v dge og 7 I'B moog tyv B4,

De hie 18 irrationalibus cfr. Martianus Capella VI, 720.

5. {darrove BFb. 8. of’] om. b, o’ F, 91.6 *BV. 11
¢ dons F.  12. ovéuacy PBF. 15, 8% dvopdroy V.  16.
4r) T4 F. 17. BI') I'BF. 18 dou] douw P. T4] T

" ecorr. V., 4B] 4 supra scr. m. 2 V. 19. vdfy £Eer V.

sée‘; &zt BFD, m B supra scr. § m. 2. 22. BJ] de

corr 4B F. 6] 9o PV. 16] mut. in 26 m. 1 P, zo V.
28. Post 7éw ras. 1 Litt. P. I'B] BI'F.
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome,

9. Mediae apotome prima,

10. Mediae apotome secunda.

11. Minor,

12. Recta cum rationali totum medium efficiens.
13. Recta cum medio totum medium efficiens.

CXIL )

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum latitudinem efficit apotomen, cuius
nomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeterea apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

" Sit A rationalis, BI" autem ex duobus nominibus,
cuius maius nomen sit 4T, et sit BI'>< EZ = 4°.
dico, EZ apotomen esse, cuius nomina rectis ', 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.

nam rursus sit BA>< H= 4% iam quoniam est
BI'>XEZ=BA4>H, erit 'B:B4=H:EZ [V], 16].

A p—
P4 )
Bt t 1 H
E 2
. K } } 10

uerum I'B> B 4. itaque etiam H>EZ [V, 16; V, 14].

1) Dubito, an haec propositio et sequentes Euclidis non
sint. sed de hac re alibi-uiderimus.
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otrwg 1 H meos tqv EZ. pelfov 0t 7 I'B tijs B4-
peltov doo éotl xal n H tijg EZ. &orw tff H loy
% E@ &tw dea og 7 I'B meog ty Bd, ovreg 3
OE mpog iy EZ* dishdvre dga éotlv ag 1 I'A meog
5ty BA, otrwg 1 OZ mpdg tiv ZE. . peyovére og
7 OZ mpog vy ZE, otrwg 1 ZK medg vy KE* xel
oAy dgo 1 OK meog oAnv tqv KZ dovwv, ag 1 ZK
ngos KE' ag pig &v tév nyovudvev meog &v vdv
émopévav, oUrwg dmavie T NYovMEve WPdg AmevTe
10 v émdpeve. ag 0 1 ZK modg KE, otrmg éotiv 9
I'd 7dg vy 4B xal ag dgo 1 O K mgds KZ, otrws 7
I'4 mog v AB. avppergor 8t 16 and vijg I'd vd
ano tijg AB° avpucroov dgo éori xal T0 amo viig OK
t6 and vijc KZ. xei éotwv og 1o amd vijg @K moog
16 10 dno vijg KZ, otrwg ) OK moog iy KE, émel of
roeig of O®K, KZ, KE avdioyév elow. evpuergos -
dga 7 OK i KE pijxar® dove xal 7 OF tjj EK
ovupereds oty prxs. xol émsl ©O amd vig A leov
éotl v vnd vév EO, BA, §nrov 04 dove vd amd g
20 4, ¢nrov dga éovl xal 16 Umd yov EO, BA. xai
nope fqny iy BA moagdxsivar ¢qry dee detlyv 14
E® xal cvppergog tf] BA uine: dove xal 7 evu-
pergog aveii 7 EK {nui) éove xal oduusroog ) BA
wixe. émel ovv et @g § I'd meog AB, obrwg 7
25 ZK moog KE, af 0t I'd, 4B dvvdaps udvov &loi

1. pelfov — 2. forw] in ras. V. 1. I'B] BI'P. - 2.
dori] om. V. 8, I'B] BI' PV. 4 ziw] om. Bb. 5. 7]
om. Bb. 4B FVb. tv] om. BFbh. . 'ys'yovézm — 6.
ZE] om. b. 6. zj»] om. B ZK] K2 B. z1jv] om.
BFb, 7. medg] bis @. 8. 1:1)1' KE FV. ag yég] om. P,
supra scr. V.  tdw] om. P, syeduevor P. 10, ¢y KE V.

11. 4B] B4 F, 17]1! KZ BFb. 12. 4B] e corr. V,
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sit E®@=H. itaque 'B:BdJd=G@E:EZ. quare diri-
mendo [V,17) I'd:BA—=@Z: ZE. fiast ©Z: ZE=ZK: KE.
quare etiam @K:KZ = ZK: KE; nam ut unum prae-
cedentium ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est autem ZK:KE =
'4:4B. quare etiam @K:KZ =I'4:4B. uerum
r4®, 4B? commensurabilia Sunt [prop. XXXVI].
itaque etiam @K% KZ® commensurabilia sunt [VI, 20
coroll; prop. XI]. est autem @K®:KZ® = ®K:KE,
quoniam tres rectae @K, KZ, KE proportionales sunt
[V def. 9]. itaque ®K, KE longitudine commensura-
biles sunt [prop. XI]. quare etiam @E, EK longi-
tudine commensurabiles sunt [prop. XV]. et quoniam
A® = E®> B, et A rationale est, etiam E®><B A
rationale est. et rationali B4 adplicatum est. “itaque
E©® rationalis est et rectae B4 longitudine commen-
surabilis [prop. XX]. quare etiam EK, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B4
longitudine commensurabilis [prop. XII]. iam quoniam
est I'd: 4B=ZK:KE, et I'4, 4B potentia tantum
gommensurabiles sunt, etiam’'Z K, K E potentia tantum

B4F. 13 @K T'dg. 14 RZ] ZKinras V. 15
Post XZ add. 43siz0n yoe s § I'd meds 4B, odtwg 7 ZK
meog KO. alla xel wg 5 I'd npoc 4B, ovtme 'q 0K moog
KE TQEls oty svﬂum’ slaw awﬂ.olyov nqwm p&v 1 OK, 8w-
1890: d‘é 17 KZ zolrn 1 KE. é'o-m: omr ag 'zo auo Tijs mQWTNS
2Q0g 10 omo tr;c Gsmsoug e[dog, owmc 11 mQdiTY Mo t-rrv Toltny,
tovtéoTiy g 10 amo O K meos o emo KZ b, tijv] om. b,
16. elos BVb, comp. F. 17, dea docty BFb. OK] K
e corr. V. Post pijnee add. nel Stsddvre b, m. 2 F.  dore]
-ze e corr. V. EK] E® b. 19. E€] 8E V. dotv L.
20. dorév L. 4B LBFb, e corr. V. ~ 21. 4B BF. 22,
Post oze ras. 1 litt. V.  23. domw L. 4B F. 24, ag
om. L, supra scr. m. 2 B. 25. ZK] corr. ex ZH m. 2
3] m. 2 F. I'd]l 4T F. glaly L
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ovupergol, xel of ZK, KE dvvaps pdvov slol ovpu-

" pergor.  ¢nry 04 dorww 1) KE* ¢nvy doa dotl xal m

10

15

20

26

ZK. af ZK, KE é&ga ¢nral dvvdue pivoy elol evu-
ueTgoL’ amovoun &pe éotiv | EZ.

"Hrov 0% n I'd tijc AB yetfov dvvarar ¢ dxod -
ovppérgov favr] 1 ¢ amd dovuudrgov.

El plv obv i) I'd %ijg 4B psifov dvvaras té dxd
ovppérgov [favrfi], xal 7 ZK t5ig KE psifov dvvi-
ot TH amd ovupsrgov favr. xol &l udv EVupeTedg
doviv 9§ I'd ©vfj buxepdvy dqvij pixse, ol § ZK* &
0t 7 Bd, xal 7 KE* & 0} ovderépa tav I'd, 4B,
xel ovdsréox v ZK, KE.

Et 8t  I'4 vijg AB peifov dvvaros 16 @mo aovy-
uérgov éavrij, xel ) ZK tijg KE psitov dvvijeeras
T and aovpusreov favrf). xal & v ) I'd oou-
uergdg €ote vf éxxewuévy dnri prnee, xal § ZK &
0t % Bd, xal 7 KE- & 0% ovderépa tav I'd, 4B,
xal ovderépa vév ZK, KE' @ote dmorour é6tiv 4
ZE, 1g va évdpera ve ZK, KE edupcrod éote toig
vijg & 0vo dvoudtav dvdpact voig I'd, AB xal év
Te avvg Aoy, xel vy ebrgw tafw e vij B Omeg
&0s dcibou.

’

oLy .
T6 amd §nrijc mapa emorounv magafalio-
pevov mAdrog morel Ty éx dvo dvoudrov, ig

1. KE & LBF. 2. Post XE add. xal svupsreos vjj B4
wixee LBFb.  forww &Zea V. éoriv LPB. 3. ZK) (prius)
KZ BFb (de L non liquet). Deinde add. xal cvppereos j
T4 uiwse LBFb.  $nral slow L, gnral el BFD. elal]
om., LBFb. 4. EZ] ZEin ras. V. 6. té] supra scr. m.
rec. V.  ocvppérgov V, sed corr. 8. dovppfrgov L, et V,
sed - eras, éfavrfj] om. P. ZK] KZ B. 11. B4] mut.
in 4BV, 4B b.  oddstéea P. 12. xal — 13. JB] mg.
m 2 F. 12. o¥ferdpe P. KE] E in ras. m, 1 P, 13.
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commensurabiles sunt [prop. XI]. uerum K E rationalis
est; itaque etiam Z K rationalis est. itaque ZK, KE
rationales sunt potentia tantum commensurabiles. ergo
EZ apotome est [prop. LXXIII].

Iam I'4? excedit 4B% quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

si igitur I'4? excedit 4B* quadrato rectae com-
mensurabilis, etiam Z K? excedit K E® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue I'A rationali
propositae longitudine commensurabilis est, etiam ZK
el commensurabilis est [prop. XI, XII], siue B,
etiam KE [prop. XII], siue neutra rectarum I'd, 4B,
neutra rectarum ZK, KE. sin I'4* excedit 4B* qua-
drato rectae sibi incommensurabilis, etiam Z K? ex-
cedit KE® quadrato rectae sibi incommensurabilis’
[prop. XIV]. et siue I'd rationali propositae longi-
tudine comimensurabilis est, etiam ZK ei commensu-
rabilis est, siue B4, etiam KE, siue neutra rectarum
I'd, 4 B, neutra rectarum ZK, KE. ergo ZE apotome
est, cuius nomina ZK, K E nominibus I'd, 4B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI" [deff.
alt. et tert.]; quod erat demonstrandum. '

CXIIL
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

4B] Bd? L. 14. xef — 15. favrf] om. P, mg. m. 2 V.

16. dovivy L. Ante ZK eras. H V. 17, odderéoe V. 18,
o0¥8etépe PV (non F).  dore] - in ras. V. 19. za] (alt.)
om. P, m 2V. douwv L. 20. éx] éx tav V.  évoucory
LPBF. 21 ¥e zofiw LBFD. BI') BB P. 28 gy)
PL, otf’ F, 6" b, eee” BV.  24. mapd] apx L.
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T ovopare cVuperod £0Ti tolg Tig dmoOTOWYG
ovouad: xal év 1 avtg Adye, &vi 0t ) pivo-
pévy éx 0vo dvoudrov Tyv adryv véEiv Eys
T aworoud.

"Eorw ¢nvy udv n A, dmotoun 0t 4 Bd, xal vo
and tijg A loov éotm vo Uwd tov B4, KO, dere To
and vig A ¢nriis mege v BA dmotouny mopafol-
Aogevov mhazvog mowel iy K@ Aéyw, 6t éx dvo dvo-
udtoy éotlv 1 KO, 1 ta dvdpere ovpusted fov
rois s B4 dviuac: xal év v altd Adyw, xal in

-7 KO iy aldeyy &ge vakw vf BA4.
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26

"Eerw pag tvfj BA mpoeapudtovea 3 AT of BT,
I'4 éGgo ¢yrai eloe dvvdus povoy evpustoor. xal v
and t17g A loov Forwm xel v0 vmwo vov BI, H ¢nrov

‘0% va awd tig A° dnrov dee xel vd vmo vév BI, H.

xel wepa gnrnw v BI' mogaféfinras: $qry dga deriv
% H xal ovppevgos v BI' wixer. émel odv ©o vmo
tév BI', H loov éotl 16 vno tvév Bd, KO, dvaloyov
doa éotlv g 7 I'B medg B4, otrtwg % KO meog H.
uelfov 02 ) BI" tijg BA" pelfov dgo xal 7 KO vijg H.
xetodw vff H log n KE' evupsrgog dga éotlv ) KE
tfj BI' wixer. xal énsl éovww &g 7y I'B mpog B,
ottwg 1 OK moog KE, avasroépavn dpo éotlv ag 7
BI" mpog tpw I'd, otrwg 5§ KO mpog OF. peyovére
g 7 KO ngds OF, otrwg ) OZ meog ZE' xal Aovmy

1. domv L. 2. ovopaaty PLBF.  yuywoudwy LBb yE-
vouévn PVe. 3. &ysi] supra add. § m. 2 B. 6. 4B b.
@ors) -¢ in ras. V. 7. Bd] 4B 8. muu‘v Fb, e
corr. m, 1 B.  §u) 8z nel PV, Zﬂu] doriv L. 10. dvd-
paciy PLBF. #z] 6w LBFb. 11 g€ee LB. 13, eloww L.
14. xei] om. LBFVDL. 16, Hl m. 2 F.  18. fociv PV,
om. LBFb. 19. I'B] BI' PV. 20. ziig] (prius) meds b.
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nomina nominibus apotomes commensurabilia sunt et
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.
Sit A rationalis, B4 autem apo-

T ‘tome, et sit B4 >< KO = 43, ita ut

] quadratum rectae rationalis 4 apotomae
L4 H B4 adplicatum latitudinem efficiat K@.
l dico, K® ex duobus nominibus esse,

B . . ..
;: ! cuius nomina nominibus rectae B4
commensurabilia sint et in eadem pro-
i portione, et praeterea K@® eundem or-

dinem habere ac B4. A

nam A4 I rectae B A congruens sit. itaque BI, I'd
rationales sunt potentia tantum commensurabiles [prop.
LXXIII]. sit etiam BI'>< H==A% uerum 4 rationale
est. itaque etiam BI'>< H rationale est. et rationali
BT adplicatum est. itaque H rationalis est et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>< H = B4 >< K@, erit [VI, 16]
I'B: B4 =K@ : H est autem BI' > Bd. itaque
etiam K@ > H [V, 16; V, 14]. ponatur KE = H.
itaque K E, BI" longitudine commensurabiles sunt. et
quoniam est I'B: B4 =6OK: KE, conuertendo [V, 19
coroll.] est BI:I'd—=K@®:O@E, fiat K®:@E=0Z:ZE,
itaque etiam KZ:Z@=K®:0E=BI":T4 [V, 19].
uerum BT, I'4 potentia tantum commensurabiles sunt.
itaque etiam KZ, Z® potentia tantum commensura-

éoa Zov/ BFh. 21. KE] ecorr. V, EX P, 22 ti)v B4
BFb. 28. zj» KE BFb.” 25. KO] corr. ex. KH m. 2 F,
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doo 7 KZ medg ZO dorwv, og 7 KO mgog OF, rovr-
éorwv [og] § BI' mgog I'd. af 08 BI', I'd dvvaus
povov [&lol] ovpucrgor” xal of KZ, ZO doa dvvdus
ubvov &lol ovpucrgol. xal émsl doriv @g § KO mpdg
OF, § KZ mpds 2O, dAd’ g 5 KO npdg PE, 7 OZ
noog ZE, xel og dpoa ) KZ mpog 20, 5 OZ mgdg
ZE' dore xal dg 1) medty mdg TRV TElTRY, TO AMWO
Tijs mooitng medg TO md tijg devrépag’ xal wg Fga 1
KZ ngog ZE, otrws v0 and vijg KZ moog vo dmd tijg
ZO. ovupergov 0F ot 1o amd tiig KZ vé and tijg
ZO of yag KZ, ZO Odvvaper lol oppergor” ovu-
pergog dpa éovl xal ) KZ vfj ZE wixa @ove 7 KZ
xel tf] KE evpucreog [ove] majxer. gnuy 06 éovww 7
KE xal odupergog vij BI' wijxer: ¢qry dpa xal 4
KZ xal edppcroog tfj BI' wixer. xal émel éoriv oo
7 BT mpds I'd, otvwg v KZ mpds Z®, dvaiiet g
f BI' moog KZ, otrag | AT mpog Z8. evuustoog
0t 7 BI' =} KZ* ovuucrgog &oo xal ) ZO tjj I'd
unxer. of BI, I'd 8t ¢nval elor dvvdper pdvov ovu-
peroor: xal af KZ, ZO dgo ¢nrel &lor dvvaps uovov
ovppctoor” éx 0vo Svopdrav fotly doa 7 KO.

Ei ptv oy % BI vijg I'4 uelfov dvvarer 16 dmd
ovupéroov fovrf), xel ) KZ vijg ZO usifov dvmjceras
Te amd ovuudrgov favrf. xal & plv GUpuerpds doriv
7 BI' ©f) éxxsipévy ¢nrfi mixse, xel § KZ, & 6% 5

1. 28] @ZFetinras. V. OE] corr.exZE V. rtovr-
fotiv — 2. meog] in ras. V. 2. @g] om. P, supra scr. V.

dé] om. BF. I'd]rd, 4EBF. 8. &lo¢] om. PV. odp-
petgor — 4. elol]l mg. m. 2 B. 3. KZ]} ZK P. 5 Z8O)]
®Z in ras. V. ©Z] in ras. m. rec. B. 6. ZO] in ras, m.
rec. B, "OZ b. otrtwg 7 B. ©Z] 'Z0 b. 7. ZE] EZ F.

0';,018] -¢ in ras. V. , og] m. 2 F. ovtwg to BFD. 8.
newTng] eras. F. meos — dsvréoug] mg. m. 2 F. 9. ZE]
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biles sunt [prop. XI]. et quoniam est K@:@E =KZ:Z0,
K®:OE=@®Z:ZE, erit etiam

. KZ:Z@=6Z:ZE

quare etiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def. 9]. itaque etiam
KZ:ZE=KZ7?:Z® uerum KZ?, Z®* commensu-
rabilia sunt; nam KZ, Z® potentia commensurabiles
sunt. itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, KE longi-
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI' longitudine commensura-
bilis. itaque etiam KZ rationalis est et rectae BI
longitudine commensurabilis [prop. XII]. et quoniam
est BI': I'd = KZ:Z®, permutando [V, 16] est
BI'':KZ = 4I': Z6. uerum BI', KZ commensura-
biles sunt. itaque etiam Z®, 4I" longitudine com-
mensurabiles sunt {prop. XI). BI, I'4 autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z® rationales sunt [def. 3] potentia tantum

commensurabiles [prop. XIII]. ergo K® ex duobus
nominibus est [prop. XXXVI].

Jam si BI™® excedit I'4* quadrato rectae sibi com-
mensurabilis, etiam KZ? excedit Z®® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue BI rationali
propositae longitudine commensurabilis est, etiam KZ

corr. ex Z@ P, 11. yae] dee B.  12. 7] ziig Vh. mare]
-z in ras. V, dozs nal b, 13. dou] om. PV.  14. dodp-
uetoog b. 16. mdg] (prius) bis b. 17. oftwg — 18. KZ
bis F. 17. 4T T4 P. 18. Z@] inras. V, OZ P. TI'd
inras. V, AT P. 19, o] «f 06 V. 0¢] om. FV, 4E Bb.

20. %l — 21. KO] mg. m. 1 V. 20. KZ] KO 'B. 21.
éve doo BFD, doa] om. BFD, 22. I'd) B4 PFb et B
eras. V. 28. dovpuizeov F, sed corr. 24, devpuézeov P.
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I'4 ovpperods éove ©f) éxnepdvy Gnry wixer, xal 3
20, & 0t ovdetépa tov BI, I'd, odderéoa v
KZ, Z6.

E. 6t 5 BI tijg I'd peifov dvvarar 16 dmod
aovupéroov favts, xal § KZ tig ZO psifov dvvij-
6sTar T GnO acuppiroov favr]. xal &l uiv GUppETEds
éoriv 1 BT vy énnapévy gnry pijxee, xel 7 KZ, &
0t n I'd, nal 7 ZO, & 0t ovdevégpe tdv BI', I'd,
ovderépa v KZ, Z6.

'Ex dvo doe ovoudrov otiv K@, g va dvdpere
te KZ, ZO olppcroe [éom1] tvoig Tijg dmorous 6vo-
paoe volg BI', I'd xal év ©6 alrd Adpe, xal Fru 4
K® tyy BI' v avyy &a vakw: omep &0er Ocikar.

o0’

‘Eav yogiov megiéynrar Um0 amorouds xal
tijg éx d0vo dvopdrev, %g ra dvdmara Gvu-
petod tvé é6TL Toig THg amorouijs dvipac: xal
v 16 avrd Adyw, 1 10 ywelov Svvapdvy ¢nrij
doTiv.

Isgieyéodo yap yweiov 6 vmd téov AB, I'd vmd
anoroutig 17 AB xel tijg éx 0vo Svopdrav tig I'4d,
%s peifov Svopa Zotw to I'E, xal fore v Svipara
tiig éx 8vo Swoudrev ta T'E, EA obpuctod te Tolg
tijg amotoudjs dvopao toly AZ, ZB xal év T avre

1. I'd] AT B et e corr. V. 2. BI' — zd»] postea add.

m. 1 P. Post I'4 add. x¢{ b, m. 2 F. 4. dvwyrar Bh,
5. ovppéroov V, sed. corr. KZ]Zecorr. V, KA P. 78]
®Z in ras. V. 6. ovupéreov V, sed corr. 7. éorw] m.
2F. B8 ZO)OZF. I'dxalb. 11, sippera B. o]
om. P, supra scr. V. évdpaciy B. 18. BI']) B4 PFb.
Omeo E8ee deifan] om. BFb. 14. g2’ b et e corr. F,
os’ BV, 17, z¢] om. BFV.  dvépacty PFB. 19. done
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ei commensurabilis est [prop. XII], siue I'4 rationali
propositae longitudine commensurabilis est, etiam Z®
ei commensurabilis est [id.], siue neutra rectarum BT,
I'4, etiam neutra rectarum KZ, Z&® [prop. XIII].
sin BI™? excedit I'4® quadrato rectae sibi incommen-
. surabilis, etiam KZ*® excedit Z@* quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue BI rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, siue I'4, etiam Z® [prop. XII],
siue neutra rectarum BI', I'4, neutra rectarum KZ, Z0.

Ergo K® ex duobus nominibus est, cuius nomina
KZ, Z® nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K@
eundem ordinem habet ac BI' [cfr. deff. alt. et tert.];
quod erat demonstrandum.

CXIV.

Si spatium comprehenditur apotome et recta ex
duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata ratio-

4 B .

! —1  nalis est.

r E 4 Spatium enim 4B ><I'd com-
H . prehendatur apotome A B et recta ex
Y ,  duobus nominibus I, cuius nomen

X 4 m maius sit I'E, et 'E, E4 nomina
' rectae ex duobus nominibus nominibus
apotomes 4Z, ZB et commensurabilia sint et in eadem

B, comp. FVb. 20. yde] corr. ex 6 m, 1 V. 22, {ora]
(prius) #6v¢ BFb. 23. Ed] decorr. m. 1 b, 1] m. 2B
24, évouaoy B.
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Adye, xal Eotw % 70 Umd vdv AB, I'd dvvapévy 1 H'
Adyw, ot oy éoTiv % H.
"Exncic®o pao onry) 1 O, xal T émo thg O leov
noge Ty I'd magaPefiriodm mAdrog morotw iy KA
5 dmotoun dea fotiv | KA, g ve dvdpara Eoto ta
KM, MA ebpperoa tois vijg éx 0vo owoudrav 6vo-
paoe voig I'E, EA xal v t¢ adrg Adyw. dAde xel
of T'E, Ed4 ovupsrgol 1€ elow talg AZ, ZB xal &
¢ otrg Adye' éonw oo wg n AZ mog THY ZB,
10 ottwg § KM mpog M A. évadiet doa éoriv ag n AZ
npds v KM, oVreg v BZ meds v AM- xal Aoimy
dpoa 7 AB mgdg Aowny v KA édoviv og n AZ
mpog KM. ovupergog 0t ) AZ 1 KM ovpuergos
doa datl xol ) AB tf] KA. xol d6tiv g ) A B moos
156 K 4, ottwg 10 vmo tov I'd, AB mgog ©o vmd védv I'd,
KA ovppsrgov &ou Zotl xal 16 Umd vy I'd, AB
1 vnd tav I'd, KA. ieov 0% vo vmd vév I'd, K4
16 ano ijg @ 6vpusrgov dga d6ti 16 Vmo tév I'd,
AB 16 dmé tijs ©. 76 0} vmo tév I'd, AB lgov éovi ©0
20 and thig H* ovpuctgov &go dotl 70 dmo tijg H 19
and tijg ©. ¢qrov O ¥d dmo vig @ $nrov dga fovl
xel 1o amd tiig H' gnoy doo éotiv § H. xel ddvarar
76 vmd tév I'd, AB.
‘Eav doe yoelov megiéynror vmwd dmorouss xal T1s
25 & 0Uo Svopdrav, g Te dvéuete cvpusted g6Ti TOIS
tiig dmoropiig Svdpas xal dv TG edrd Adpw, % €O
qoglov dvvapdvy ¢nry doTuv.
1. %] om. BFb, 7';% e corr. V. H] H4 b, 3. 0]
(prius) BO F. 4. ziv] (prius) m. 2 F. 6. tijs ] b
zov V. 7. alde — 9. 26yo] mg. m. 1 F. 8 zoig b. 9

AZ] corr. ex AT" V. 11. '‘BZ] ZB B. 12. 7] (pnus) post.;
ras. 1 litt. F, 13. meés — AZ] om. F. ° <znw KM BFb,

\
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proportione, et sit H® = 4B > I'4. dico, H ratio-
nalem esse.

ponatur enim rationalis @, et spatium quadrato
@? aequale rectae I'4 adplicetur latitudinem efficiens
KA. itaque KA apotome est, cuius nomina sint
KM, MA commensurabilia I'E, EA4 nominibus rectae
ex duobus nominibus et in eadem proportione [prop.
XCII]. verum I'E, EA etiam rectis 4Z, ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MAd. quare permutando [V, 16]
AZ:KM=BZ: AM. itaque etiam AB:KA=AZ:KM
[V, 19]. uerum 4Z, KM commensurabiles sunt [prop.
XII1]. itaque etiam 4B, K.4 commensurabiles sunt
[prop. XI]. est autem AB:KA=I'Ad><AB:I'd>< KA
[VL, 1]. itaque etiam I'd>< AB et I'd>< K4 com-
mensurabilia sunt [prop. IX]. uerum I'd >< K 4 = &%,
itaque I'4 >< 4B et ®® commensurabilia sunt. est
autem H?=I4d>< 4B. quare H?,  commensura-
bilia sunt. uerum @? rationale est. itaque etiam H?*
rationale est. quare H rationalis est; et spatio
I'd>< 4B aequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14, Zotlv B, AB] KM ovyysrgog &oo fotl el ) B @
(et ¥?). 15. mjwy KA BFb. ovre B. I'd] ante lacunam
2litt. F, 4" b, AB] 4B b. moos To] om. g. 16. 7o)
m. 2V, 11 tév] (prius) om. P.  18. @] ©Z B, sed corr.

19. d=d] corr. ex vmd m. 2 F. t@] corr. ex 76 m. 1 F.

0] cort. ex o m. 1 F. 20 6] gai 70 BFb 22. ¢nii]
corr. ex gnzéy V. 25. fomww P 26. dvdpaciv PB., 27,
éote BV, comp. Fb. Deinde add. dmee #0er deifor F.

Euclides, edd. Heiberg et Menge. III. 24
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Iégiopa. .
Kal péyovev quiv xel e rovrov gavegdy, ot
dvvardy fetL fnTov yweiov UmO ¢Adyev e0dady mepL-
éyeadar. Omeg ¥dew detbau.

oe’.

'Ano upéemg é&metpor dAoyor yivovrai, xal
0V0cula 0V0cutd vdY mPoTEQOY 1) AVTY.

"Eorw uéon 7 A Aéyw, Ot amo tijg A amegor
dhoyor yivovtar, xel ovdeule 0Vdsuid TGV mEOTEQOY
N eV,

‘Exxelodo ¢nry 5 B, xel 16 vmd tév B, A icov
dorw 1o anmd vig I dhopog dpa dotlv § I ©d yae
vd addyov xal $nrijs dAoyov otwv. xal ovdeuiq TOV
mQdTegov 3 avrift TO yop 4w’ ovOcuids THV MEPTEQOV
nega ¢y nepufaildusvov midrog movel uéony. mody
0% v6 vmo 1y B, I' leov &otw td dmd wijc A4 EAoyov
doo dotl 16 amd tiig A. &Aoyog dga dotlv 1 A° xel
ovdeuid TGV mebregov y avry’ TO pag ax’ ovdsutds
TOV mQotegov megk Gnryy mepafaiddpsvov mAdros
mowsl Ty I Opolwg 07 tijg Toravrng rdswg én’ &melpov
nQofaivoviong Qavegov, Ot Amd Tijg Wéong AmElQol
dAoyor plvovrar, xel ovdeplo 0Vdsuid TdV mEdTEQOY
7 avry)’ Omeg &0er Opika].

1. mégiopa] wmg. PV, om. BFb. 4 G&mse #0ee Jeifou]
om. BFb. 5. gtz’] om. V, ges” b et corr. ex gud’ F, oit” B.

6. ylyvovrar B, y supra add. m. 1 P, 7. obdeple] om.
PFVD, Post medzegoy add. dexaroidy addéywv m. rec. F.

9. ylyvovrer PFB.  oddeple] om. PFVDb,  10. %] éorew 5 BE.

11. Ante Bras.11lite. B. B, 41 4, BF. 12 #&ro] m.2F.

zd] (prius) v F.  13. dori PB, comp. FVb. 14, ané B.

16. &loyoy —17. 4 (privs)|om. FV. 17 éotlv P.  1é— doriv]
om. P. &loyog — 18. avtsj] in ras. m. 1 F. 18. amo B.
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Corollarium.
Et hinc quoque nobis adparuit, fieri posse, ut
spatium rationale rectis irrationalibus comprehen-
datur. — quod erat demonstrandum.

CXV.

A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.

Sit 4 media. dico, ab A4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam
priorum, '

ponatur rationalis B, et sit "= B>< 4. itaque
T irrationalis est [def. 4]; nam spatium recta irratio-

4 ! nali et rationali comprehensum
B : + irrationale est [prop. XX]. nec
e eadem est atque ulla priorum;
4 neque enim ullius priorum qua-

dratum rectae rationali adplicatum latitudinem efficit
mediam. rursus sit #°=B><I. itaque 4 irrationale
est [prop. XX]. quare 4 irrationalis est [def. 4]. nec
eadem est atque ulla priorum; neque enim ullius priorum
quadratum rectae rationali adplicatum latitudinem eof-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irrationales infinitae
multitudinis oriri, et nullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. 7ij¢ Toreveng] Tois Tig avriis p.  21. meoPalvovear B, corr.
m. 2. 22 ylyvovter B.  o0vdsule] om. PFVb. 28, meg #3es
d¢ifot] om. BFb, comp. P. Seq. additamenta quaedam, u. app.
In fine libri Edxlsldov croryslwv © P, télog tov v vdv Evxleldov
oroizeloy m. 2 B, zélog tot ¢ tédv Evxleldov oroigelwv tijg
Oéwvog dndocewg ¥, Evxleidov 1oyos T tijs @éwvos éxddcsmg b.

21"
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1.
Ad libr. X prop. 1.
"Aliwg To ¢’ Vewonpa.

‘Exxei6®a 0v0 uepédn aviea ta AB, I xal énel
édeoooy éote ©0 I, woldamAadialipsvoy é6var motk Tod
AB peyédovg peitov. yspovéte wg 10 ZM xal Ouj-
ofjoda &g [ta] loe t I, xal éorw v MO, ®H, HZ,
xal amd vov AB deneiode peifov 17 1O Tuiov TO
BE, xal dno tov EA peifov 3 1o fuov 1o Ed, xal
vovro asl ywéede, iwg of v vé ZM Oiugéoeg loo
yévoviar tais év 1@ AB diagéosov. peyovérmday
og af BE, EA4, 44, xal 16 AA Exasrov 1év KA,
AN, N5 &ovo loov, xai todro ywécdw, Ewg al Ouus-
oéaeig ot K5 loar yéveoviar raig tov ZM,

Kal énsl ©o BE peitov 7 ©0 fjuetv éore tov BA,
t0 BE pelfdy ot tov EA' modAg doo peifov éom
vov AA. dlde to 44 isov éoti vis EN' ©( BE doe
peitdyv dove tov N5 mddw, émel ©o EA peifov 7 10
fuad éove vov E A, usitdv éote tov A4A. dAde 10
A4 éavwv lgov 1) NA' 10 EA dge petfov éore tov

1. Post dpaigovpseve p. 6, 10 habent BFVDb, mg m. 1
postea add. P.

.1. 70 o’ dedenue] om. V, 70 adté BFb (mg. o B). 2.
welodo V. ° 8. flatrov F. 5. za] (prius) om. P, I'] corr
ex 4 B. xal fotmw] om. FVbh. HZ] IZ F. 6. 7] m.
2P. 7. BE]inras. V. xal{ — EdJlmg. m. 2V, Ed]




1.
Ad libr. X prop. 1.
Aliter primum theorema.

Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I' < 4B, multiplicata aliquando I’
414 E B p  maior ex:it magnitudine .AB'. ﬁat
(—— 0 i ZM et in partes magnitudini I"

M & " 2z aequales diuidatur, et sint M@,
— @H, HZ, et ab 4B auferatur
K4 NA BE maior dimidia et ab EA

maior dimidia E4, et hoc semper deinceps fiat, donec
diuisiones rectae Z M diuisionibus rectae 4B numero
aequales sint. sint BE, Ed, 4 A4, et sit
KAd=AN=NJ5=A4dA4,

et hoc fiat, donec diuisiones magnitudinis K5 diui-
‘sionibus rectae ZM numero aequales sint.

et quoniam BE >} BA, erit BE> E 4. itaque
multo magis BE > 4.4. uerum 44 = FN. itaque
BE> N5, rursus quoniam EJ >} E A, erit E4> A4 A.
uverum J4 = NdA itaque EdJ > NA. itaque tota

AE P, 8. ¢ef] om. BFVb. yyvésdo F. 9. Staigéceat
BFVb. 10. zi] corr.exzé m.2 V. 1l yiyvécleo 9. Fog)

fwg &v Vo al] om. g. 12. yévovzai Po. tois] als
zdg .* 18. BA] corr. ex ABm. 2 V. 14. ©é] b d¢ B,
100 Q. 40 ] (prius) om. F. 16. zov — pseitoy] om. B.

17. ot JA — 18. lsov] 16 EA4 — peifov 8¢ fon 10 44 o.
18, {gov gz VDh. Ed] in ras. V.
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NA. Giov dga ©o AB peilov dove tov EA.  ioov
0 ©0 44 rs AK. OJlov dga vo BA peiforv éove
rov EK. alie tov BA peifov dove 1o MZ' moddg
doa 16 MZ peitov éove tod EK. xal émel za EN,
NA, AK iea dAdjiog éoriv, E6ti 8% xal va MO, @ H,
HZ ioe aliniorg, xal éavww iGov vo wifjdos tov év
13 MZ v6 ahide tov &v 1¢ KK, iorww dga ag o
K 4 mpog 16 ZH, otrag v6 K5 meos 10 ZM. psitov
0t 10 ZM vov K5 petov &oa xal vo HZ vov AK.
ael ot ©o ptv ZH igov 1 I, 10 0 KA w6 Ad"
vo I dga pelfov éote 100 Ad° Omep Eder Oeifa.

2.
Ad libr. X prop. 6.
"didag 1o §.

dVo yog usyédn ra A, B mgog &Adnia Adyov éyérm,
0v dpuBuog o I' meos douBudy tov A4° Adyw, 6ti GUu-
perga ori T peyéd.

Ocar ydg sloww ¢v 16 I' povddes, &ls todatre ioa
diporjodw t0 A, xal évl avrey idov forw 1o E° Eerv
doo dg 1 wovag mgog tov I' doidudv, 1o E medg 1o A.
dote 0t xel @g 6 I’ mpdg tov 4, 1O A meds 10 B*
0. loov dga detly &g 7 povas medg Tov A, 1o E
neog 10 B. upergel 0 xal % poveg tov A° uergel
doo xal t0 E 10 B. usevpsl 0% xal 10 E v0 A, émsl
xel 7 povag tov I'm 16 E dpa éxavsgov tov A4, B

2. Post deifonr p. 22, 2 BFVDh, mg. m. 1 P.

1. 4B} B4 P. 2. to] (prius) v B. td] zod b, 3.

6] corr. ex vob m. 1 F. 4. usitov dove ©0 MZ b. 5. AK
KAinras. V. 6 HZ)ZHF. avéveg MZJm. 2V,
7. ] (alt.) {oov v PBFD. &K] & in ras. V. 8. o]
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AB>EA est autem J4= AK. itaque tota
BA4> EK. uerum MZ > BA. itaque multo magis
MZ>EK e quoniam EN = NA = AK, et
M® = @H = HZ, et numerus partium rectae MZ
numero partium rectae 5K aequalis est, erit
KA:ZH=K5F:ZM

[V, 15]. est autem ZM>KJ5. itaque etiam HZ> 4K
[V,14]. et ZH=T, KAd=A44. ergo I'> 44,
quod erat demonstrandum.

2.
Ad libr. X prop. 6.
Aliter propositio VI

Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum 4. dico,
magnitudines commensurabiles esse.

nam quot sunt in I' uni-
tates, in totidem partes ae-
Br——— B quales dinidatur 4, et uni
r earum aequalis sit E. itaque
1:I'=E: 4 [V, 15]. uerum etiam I': 4 = A4 : B,
itaque ex aequo est [V, 22] 1: 4= E:B. unitas
autem 4 metitur. itaque etiam E magnitudinem B
metitur. uerum etiam magnitudinem 4 metitur E,
quoniam unitas numerum I" metitur. itaque E utramque
A, B metitur. ergo 4, B commensurabiles sunt, et

Al t I ——t

| A y—i

(primum) om, F. KE]corr. ex EX m. 2 V. 10. 44} 4V
e corr, 12. 76] 76 avtd F. 15. eloe F. 18. 1o» 4 PB.
19. ov] ©6 FV, om. b. 4] B g. 1] té» B. B] 4 F.
21, tov B B. wai] om. F¥b. 4] m. 2 F, se% dotdudy
corr. ex agifudg. 22, pereei’ 04 — énel] om. PB, luézest
0% nal 10 4, émel xel 7 poveg tov I' mg. m. 2 B.
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uergst: @ A, B doe abppeved éotiv, xel d6Tiv avTiy
b ’ by x4 ~,
xovov pérgov to E° omeg #er Osibou.

3.
Ad libr. X prop. 9.
"didwg 1o 9.

‘Enel yop ovppeteds fovwv 1 A i B, Aoyov e,
0v apududs meog dotdudv. éyére, ov 6 I' meog Tow
A4, xel 6 T éavrov uiv moddamdasiasag tov E moielrm,
6 0t T tov 4 morlamdadidoeg vov Z moielred, & 0%
4 favedv mollamdeciacsae tov H moislrm. é&mwel ovw
6 I' éavrov pdv morlamdacidons tov E memolnuev,
Tov 0% 4 modlamdaciacag tov Z memolnxev, E6tiv do
og 6 I mpog vov A, rovréerww &g 1) A mos tyv B,
[otrwg] 0 E moog tov Z. add’ og % A meog myv B,
obrwg 10 amd tijg A meog 0 Umod twv A, B* Eenv
dgo og 0 amod g A medg TO Vnd Twv A, B, ovrwg
0 E mpds tov Z. makw, émel 6 A feviov moAde-
nlacidoag tov H memoinxev, 6 0% I' vov A molde-
mladideag tov Z memolnxev, ot dga @g ¢ I' meog
v 4, tovtéeTiv dg % A meés v B, otrwg 0 Z
meog Tov H. aAld’ &g 7 A medg v B, ovrwg 1o
o tov A4, B medg td amd tijs B* fotwv dga g 1o
Vo t6v A4, B medg 10 dnwo thg B, olrwg 6 Z mpog
oy H. aAd’ og 16 amo tijg A meds tod vmd tév A, B,
ottwg 7w 6 E moog tov Z* 8 loov dpa dg Td dmo
tig A meog 10 and vijg B, oVrwg 6 E medg tov H.
éote 0} éxdregog tov E, H vergayovog® 6 piv yag E

8. Post deiBucr p. 32, 8 BFVb, mg. m. 1 P.

1. dorv] (prius) dere BV, comp. Fb. 2. Gmee £8ec deiten
comp. F?, om. BVb. 3. 10 #') om. B. 5. I" meos o9
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communis earum mensura est E; quod erat demon-
strandum.

3.
Ad libr. X prop. 9.
Aliter propositio IX.
Nam quoniam 4, B commensurabiles sunt, rationem

habent, quam numerus ad numerum [prop. VI]. sit
A:B=1T:4, et I' se ipsum

';'l::—::::::“' multiplicans efficiat E, I’ autem
I | numerum 4 multiplicans Z, 4
P autem se ipsum multiplicans H.

iam quoniam est I'><X I = E,
Err—— P<d=2Z, erit [1d=E:Z
Izi'l—‘l" [VII, 17], hoc est E: Z = A : B.

uerum A:B==4%: A><B. itaque
A*: A>< B=E:Z. rursus quoniam est 4>< 4= H,
I’'<d4=2Z, erit I': 4=1Z: H [VII, 17], hoc est
A:B=2Z:H uerum A4:B= 4> B:B. itaque
A>XB:B*=1Z:H. erat autem A*: 4><B=E:Z.
itaque ex aequo [V, 22] 42: B*— E:H. uerum uterque

Tole mQos tov J técoaga F, sed corr. m. 1. 7. o 0% I' ov)
zov 06 BFVD, mowg(tw] om. BFD. 9. memofnxe b, 10,

7] (prius) corr. ex oy m. 1V, 12. ourwg om, P, ovrmg
— mv B] om. B. 20. E’rmv aga g 1-'0 vmo tov A4, B meig
0 o ©ijs B mg b, 22. dmo wijs 4 medg 7] m 2V (IO’U pro
58 ) B” F. Deinde del m. 2 mgog 10 and g B V.

23. Z] mut. 1n HF. Post &oxr add. éoriv b, m. 2 F. 25,
Zomy B.
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and vov I’ éorww, 6 02 H amd tod 4° o amo vqjg A -
dga moog 10 amd tiic B Adyov s, ov rergaywvos
agududs medg Tergdywvov doududv. omeo &der Osika.

‘Al 07 éyfre ©o dmd tijc 4 meog vo md tijg B
Adyov, Ov Terpdywvog agiduis 6 E medg reroaymvoy
dgududy tov H* Adyw, Sv evuuergds dovww 5 A ©ij B.

"Edtw yeg tov uiv E mlevge 6 I, tob 08 H 6 4,
xal 6 I' tov 4 moldamdaciaceg tov Z mowsite® of E,
Z, H &oo ékfig elaw avdiopov év td tov I' meog vov

A Abye. xol énel thv and vov A, B ploov avdloydv

dote 10 Vmd vdv A, B, rév 0 E, H 6 Z, Eorwv dga
g ©o and tijg A medg 16 Vmd tdv A, B, ovreg 6
E mpog tov Z. dg 0% ©0 Umd tdv A, B mpdg 6 amod
vijg B, oltag 6 Z mgdg tov H, aid’ ag 10 amd vijs A
wedg 10 vwd tév 4, B, ofrag 1, A weds v B. al
A, B &ga cVpuetgol slaww: Adyov pag Eovew, ov
agududs 6 E mgdg aguduov tov Z, vovtéomy Ov o I
mpdg TOv A° og pag 0 I medg rov 4, 6 E medg tov 2+
0 yap I' Savrdv utv moAdamlaoidoas vov E memolnxev,
10v 0 4 moldamiaoidcag Tov Z memoinuev* Eotiv dou
g 6 I mpog tov 4, 6 E mpdg tov Z.

4.
Ad libr. X prop. 10.
Th &oa mporedeloy 0dely v fnril, ¢g’ Ng Epaucy
to pérge Aaufovecdai, olov 1 A, mgoosvenrar dv-
vduse udv evpuergog 1 A, rovréare gnry dvvausl povov

4. Post 1 E p. 34, 56 PBFb; mg. m. 1 V, add. xefusvor.

3. deuPucg] comp. corr. ex comp. meés m. 1 F. 6. Post
B add. gixse V, m. 2 B. 7. pév] om. b, o] (prius) 7
corr. ex 6, supra scr. 6 F; % b. 10. zéw] corr. ex o
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E, H numerus quadratus est; est enim E==I"%, H=4",
ergo A%: B® rationem habet, quam numerus quadratus
ad numerum quadratum; quod erat demonstrandum.

Tam vero 4%:B? rationem habeat, quam numerus
quadratus E ad numerum quadratum H. dico, 4 et B
commensurabiles esse.

sit enim I'" latus numeri E, 4 autem numeri H.
et sit I'><x 4 =Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est A*: A>XB=AXB:B* et E:Z=2Z:H,
erit A2t A>X B=E:Z. est autem 4><B:B*=Z:H
et 4%: A>< B= A:B. ergo 4, B commensurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
[prop. V1], hoc est I': 4. nam I': 4= E:Z; est
enim I'}XI'=E, I'<x4=12Z ([VII, 17]; quare
Ir':4=E:2" '

4.
Ad libr. X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [efr. p. 2, 10 not. crit.], uelut A4, in-
uenta est 4 potentia commensurabilis, hoc est ra-
tionalis potentia tantum commensurabilis, irrationalis

1) Hae ambages, og 8¢ lin. 13 — H lin, 14 et ag ydp
lin. 18 — 7o Z lin. 21, a Gregorio in codd. deesse dicuntur;
in meis tamen omnibus leguntur.

11. or] elow P.  16.¢l6e V, comp. Fb. yde] m.2F. 17,
6v] om.F. 18 Z] ecorr. m.1b. 19. Post I' ras. 1 litt. F.

memolyxs V. 21. odtwg 6 E V.  Post Z add. omeg ¥z,
etk FV. 22, mooorsdeloy PV.  nrfi] én- eras., deinde
mg. m. rec. xelusvov. moocevonvrar p. 34, 3 — 3 Ep. 84,5 B
addito Gmee #0:1 deikor et deleta reliqua parte propositionis.

23. ofovsd BV, yo. oldv dorv 51 A mg. Fb.  mgoonvenron
BFb. 24, pév] pdvoy B, udv 5 F.
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evuusteog, &Aoyog 0: n E. aAdyovg pap waddédov
xudet Tag xal pixse xeal dvvdust acvuuiroovs T OnTi.

5.
Uulgo X, 13.

Eilg ©0 o’ Adjppe éx tijg &g dromov dmaywyig.

‘Bav 71 0vo pepédn, xal vo plv ovuueroov 7 16
atrg, 70 0% &regov aovuuctoov, aovupsron Eotar Ta
uEyER.

"E6to yap Ovo peyédn va A, B, &lio 0t vo T,
xal o putv 4 vo I' ebpucrgov éotm, 10 0t B v I
aovpustoov. Afym, St xal o A 16 B devuucrody
doruy.

E¢ yag édot. ovupergov 1o 4 tg B, fore 0t xal
© I' 16 4, xal ©0 I’ doa 19 B 6¥uperody fomuv:
Omep ovy UmOxeiTa.

6.
Ad libr. X prop. 18.

‘Pyrag poo xudsl vag i dxxspdvy ¢ty djror uixes
xel Ovvdust ovuuéroove 7 wal Ovvdus wdvov. elel
02 xal dAdar eVdslow, ob prgxer ptv aevpusrool slow T
éuxcipévny Gnrij, dvvaus 6% wovov ovuusrgor, xel die
TovTo mdw Aéyovrer $yrel xal GVupertgor ‘mods ald-
Miheg, xad 0 ¢nral, alid 6vVuusreor medg dAdvAag

5. Post d¢iéar p. 38, 6 BFVDb, mg. m. 2 P. 6. Post
evppergos p. 58, 3 PBF Vb,

1. o¥ppereos] om. V, m. rec. P yag F. 2. Post ¢nrij
eras, ovﬂ:gyPQ ] 8. elg 76 1y’] om. FVI) slg — drayeyis)
mg F, 1" in ras. B mg. év ¢ile Ajppe; in F numerus eras.

%0 peyétdn 97 . @ vt postea add Fm 1 6.
6 BFb 8. I'} (prius) yauua F. 11. d¢evpperoor F, sed
a- eras. 12 F] (prius) corr. ex 4 V, A] corr, ex rv.
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autem E; irrationales enim omnino uocat rectas rationali
incommensurabiles et longitudine et potentia.

5.
Uunlgo X, 13.

Ad prop. XIII lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.
T T sint enim 4, B duae magnitudines,
‘ alia autem I, et 4, I' commensurabiles
B sint, B, I" autem incommensurabiles. dico,
‘4 etiam 4, B incommensurabiles esse.

nam si 4, B commensurabiles sunt, et etiam I', 4
commensurabiles sunt, etiam I', B commensurabiles
sunt [prop. XII]; quod contra hypothesin est.

-r

6.
Ad libr. X prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles aut longitudine et potentia aut po-
tentia tantum. sunt autem aliae!) quoque rectae,
quae rationali propositae longitudine incommensura-
biles sunt, potentia autem tantum commensurabiles;
quare rursus uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
autem inter se aut longitudine et potentia aut po-

1) Hoe quid sibi uelit, non intellego.

B] 4? P.  dovppsreov F, sed corr.  1B. xef] (alt) om. b.
16. eloty dcvupeteor F. elow B.
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ijror pixee Oniedy xal dvvdus 7 Svvdpst wovov. xai
e udv pixer, Adyovrow xal ovrel $nrel pixesr ovp-
petgor émaxovoudvov, 0te xai dvvdus & 0% dvvdue
ubvoy mog didjias elal evupergor, Adyovrar xal
atral oltwg ¢nral Suvvaus pdvov Gvuustoor. Ote OF
al ¢nral ovuuergol elow, fvievdey OfjAov: émel yap
onral elow ol ©f) éuxepdvy ¢nrf ovppergor, Tt 0 TH
avre ovppetoe xel dAdfowg fovl evuperoa, af doa
el evppergol elow.
1. '
Ad libr. X prop. 20.
Ajjppe.

‘H dvvapdvy ddoyov ywelov &Aoyds éotiv.

dvvdodw yop 1 A Ghoyov ywelov, tovréer. To
ano vijg A tergdyovov idov Eote dAiye ywolp. Adym,
ot ) A &Aoydg demiv.

E¢l yag &otav dqra) 0 A, ¢nrov éoten xel to ax’
aUTis TETEEywYOY' oUtmg pdo [é6Tiv] v Toig Ogoig.
ovx &0t 08 &Aopog koo éotlv m A° Smeg Eder Oeifar.

8.
Ad libr. X prop. 23 corollariym.

Elal 0t mddw xal dAdow evdeioc, of pixer pdv

7. Post éEfig p. 60, 13 PBFVD. 8. Post c¥pusreor
p. 68, 22 PV, mg. m 2 B.

1. xel} (alt) om. b, 2. $nrel] om. V. 3. &] om. b,
5. ovtwg] om. BFVb. Post odupsetgor del. slorw m. 1 P,
ote — 6. tlow] mg. m. 1 P. 6. évreddev] év- in ras. m.

1P dilov évredsdev F. inel] 6 b, mg. m. 1 yo. émel

yeg S To Pu’ w0 ', 9. slow] slow b, eloww: Gmeg 06t
deiEon V. 11. ‘H] om. V, add. num. §’. éo6u BV, comp.

Fb. 18. lsov £etw] supra scr, m. 2 V; om. BFb.  didym

1welp] corr. ex dloyoy {6t V, &loyov Eorw Bb, fote dloyov, F.
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tentia tantum. et si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, subaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles uocantur. rationales antem commen-
surabiles esse, hinc manifestum est: quoniam enim
rationales sunt, quae rationali propositae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XII],
rectae rationales commensurabiles sunt.

1.
Ad libr. X prop. 20.
Lemma.
Recta spatio irrationali aequalis quadrata irratio-
nalis est.
nam A® spatio irrationali sit aequale. dico, A ir-
rationalem esse.

41 — nam si A rationalis est, etiam 42
Bi—1 rationale erit; ita enim in definitio-
r— nibus est [def. 4]. at non est. ergo
A irrationalis est; quod erat demonstrandum.

8.
Ad libr. X prop. 23 coroll.

Sunt autem rursus aliae!) quoque rectae, quae
1) Sc. praeter rationales, de quibus u. app. nr. 6.

15, fotar] dote V.  16. domv] om. BFVb.  17. fouw B.

&oa] m. 2 F. 7 A éorey BFVD, 8meg Eder Ositou
om. B. 18, elolv P.  &lol 8¢ — p. 886, 7. Svvaper (prius)
punctis del. V (cfr. p. 69 not. crit.).

Euclides, edd. Heiberg ot Menge. III. 25
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aovppeTeol elol tij uéey, dvvaus 0% uovov Gvuucrgor,
nal Adyovtaw madww pééar i TO Gvuuergor Elvar dv-
vdus, vfj péon wal 6vupcToor meog dAdfieg, xado
uéear, arde avupuergor moog dAAAag o pixer dnAady)
xal dvvduss 1 Ovvduee wovov. xel & pdv pixee, Aé-
yovtor kol arol péoas wixsl Gvuustgor émouévov Tod,
Ove xel Svvdpe &f 0% dvvaper udvov elol evupsToor,
Aéyoviar xal oUrwg péoar dvvapsr wdvov ovpuergol.

Ot 0 af péoar 6vpusrool elew, obrwg Sautéov.
émel of péoar uéopy rwl ovppergol eloww, ta 0% 6
oVt ovpuctoa xal addqlog foti ovpperoe, af dou
péeor avppergol &lay.

9.
Ad libr. X prop. 27.
Afjppe.

dvo codudy Oodéviav év Adye Omoipody xal
GAdov Twog ddov mofioar g TOV doLdudY mEdg TOV
auduor odrwg Tovrov meog &AAov Tive.

"Eerwoav of dobévres 0vo douduol of AB, I'd
Adpov Eyovreg meds dAAjAovg dmorovoiw, &Adog 0¥ Tig
6 TE. 0s moujoar 10 mgoxelpevov.

"Avaysyodpdo yog vmd tév AT, I'E magaiinid-
yooupov bgdoyaviov 160 AE, nal 19 AE léov mage
10v AB mopafspriicdo magaiinidygapuov 6 BZ
nddrog mowovv v AZ. Imel ovv lcov fotl v0 JE

9. Post d¢ifar p. 78, 13 V.

1. eloww P. 9. 8uu — 12. elay] etiam in mg. sup. m.
rec. B. 10. elo: BV. 18 Azjppe] m. 2V,
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, quatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensurabiles nocantur, cum per se sequatur, eas
potentia quoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
uocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicui mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quoque commensurabilia sunt [prop. XIIJ,
mediae sunt commensurabiles.

9.
Ad libr. X prop. 27.
Lemma.

Datis duobus numeris in quanis ratione et alio
quodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hic ad alium quendam.

Sint 4B, I'4 numeri dati rationem quamuis inter
se habentes, alius autem aliquis I'E. oportet efficere,
quod propositum est.

2 describatur enim parallelogram-
4 ‘B mum rectangulum JE=A4I'"><IE,
r—— 4 et spatio 4E aequale rectae 4B

adplicetur parallelogrammum BZ
E—— latitudinem efficiens A Z. ijam

256*
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negudinioyoappoy 6 BZ megalindoyocupw, Eote O
avt$ xel lgoywviov, tdv 0t lowv xal (Goyoviov
nagadinloygauuny avrimenovdacw ol nisvoal al mepl
105 iGag yovlag, dvaloyov dga éotlv wg 6 AB medg
zov I'd, otrwg 6 I'E medg vov AZ" Omep Eder Oelbau.

10.
Ad libr. X prop. 29.
Afjupa glg o %9,

AYo agdudy dodévrov xal evdslag déov mouoon
g 1OV Goududy meog TOV deidudy, otrwg TO AWl TS
evdelag Terodywvov medg v0 an’ &AAng Twwds.

"Eerocav of dodévreg dvo agufuol of A4, B, evdela
0t 5 I'y nal Ofov édotl moifjear v0 mooxeipevov. me-
moujedw pap og 6 A medg vov B, 4 I' evdsia mpodg
Ay vwe iy A, xal eijpde tov I, 4 uéon
dvadoyov 7 E. émel ovv domy dg 6 A meds Tov B,
n I' ebdsia mpdg tyy A, dAd’ &g 5§ I' meog o 4,
70 éwd tijg I' mpodg 70 and tijg E, g &pa 6 A mpodg
tov B, 10 dno vijg I' medg 16 dno s E rerpdymvov.

11.
Ad libr. X prop. 31.
Afjppe gl 1o Ao’

‘Edv dor 0vo svdeler v Adye wwi, Eoter dg %
e0@ele meog Ty eUPslaw, olrwg TO VWO THY 0V0 WEOS
To amo i fayloryg.

"Eerwcav 07 0vo ebdeiow af AB, BI" év Adye vl
Adyo, Gt dotlv g v AB medg wwv BI', otrwg o

10. Post prop. XXIX p. 88, 18 V. 11. Post prop. XXXI
p. 92,24 V.

4. AB] e corr. V.
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quoniam JE = BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangulorum
latera angulos aequales comprehendentia in contraria
proportione sunt [VI, 14], erit AB:I'4 =TE: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX,

Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita quadratum rectae
ad quadratum alius alicuius rectae.

Sint duo numeri dati A, B, recta

Al autem I'; et oportet efficere, quod
B——"""" Dropositum est. fiat enim 4:B=TI":4
r— [prop. VI coroll], et rectarum I', o
; "—_—I_.' media proportionalis sumatur E [V, 13].

iam quoniam est A:B=1T:4,
I:d=T%:E? [V def 9], erit 4: B=1TI": E%

11
Ad libr. X prop. 31.

Lemma ad prop. XXXL

Si duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad qua-
dratum minimae.

Duae igitur rectae 4B, BI" in ratione aliqua sint.
dico, esse AB: BI'= AB >< BI': BI'!, describatur
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Vw0 vov AB, BI" mgdg ©0 dnd tijg BI'. avaysygapde
yee and tg BI' rergdyovov 16 BAEIL, xal ovp-
nenAnowod® td A4 mapadinidypauuov. @avegov 01,
ote dotlv dg m AB mgog v BI, olrwg 10 A4
nepeddnidygaupoy meog t6 BE mapaiinioyooupor.
xel ot 10 udv A4 16 vmé vév AB, B lon yoe
6 BI' ©ij B4* ©vo 0t BE ©6 dmo tijg BI" &g dpa 7
AB medg v BT, oltwg 16 vmo tév AB, BI mpos
70 amd i BI" Gmep &0er deibou.

12,
Ad libr. X prop. 32.
Afjppe elg ©o Af'.

‘Eav dou tosis e0deiar dv Adyo mwl, Eorar og 1
moaiTy wEdg TV TElTYY, 0VT@G TO VWO THG MEWTRS Kol
uéong mweog 0 VWO vig péong nel éAayleTyg.

"Eotwday toely svdelar év A0ye wwl af AB, BI,
T4 Aéyw, 8v dotlv dg 7§ AB medg wyy I'd, otrag
10 vm0 tdv AB, BI" meds ©6 vwo vév BI, I'd.

"Hyo yrg ano tov A onuelov 5] AB mpdg dodas
1 AE, xal xeliedw tfj BI loy 1 AE, xal dux tob
E enusiov tf] A4 evdeln magadiniog fydeo 7 EK,
du 0t rov B, I, 4 onuelov tjj AE mepdiinior 7y-
Swdav «f ZB, I'®, AK. xal émel dovww wg 7 AB
ngog v BT, ofrag t0 AZ mapuiinAdypauuov mwoos
16 B® mugaiinAdygaupov, og 0 v BI' medg vy I'4,
ottwg 70 BO® meog v« 'K, 8. loov doa g 7 AB
weog v I'd, olrwg 10 AZ magaiinAdyeappov meos

12. Post prop. XXXII p. 96, 8 V, mg. m. rec. B.

. 3 Post Adins. ’'m. 1V, 4 Ad] Aeras. V. 1. zis)
inras. V. BI'lTecorr. V. 12. 76 ¥nd] in ras. V.
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enim in BI' quadratum BAETI, et
expleatur parallelogrammum A 4,
manifestum igitur est, esse

4 E AB:BI'= 44 :BE [V], 1].
et est 44 =AB>BI (nam BI'=Bd4), BE=BI"™
itaque erit AB:BI'= AB > BI': BI*; quod erat
demonstrandum.

4 B
|

12.
Ad libr. X prop. 32.

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI', I'4 in ratione aliqua sint.
dico, esse

AB:T'd = AB><BI': BI'><TI'4.

ducatur enim ab 4 puncto ad 4B perpendicularis
AE, et ponatur 4E=BI, et per E punctum rectae
A4 parallela ducatur EK, per
puncta autem B, I') A4 rectae 4 E
parallelae ducantur ZB, I'®, 4K.
et quoniam est 4B:BI'=_AZ:BO
[VI, 1], et BI':T'4=B®:I'K [VI, 1], ex aequo erit

4 B I
|
\
i

E z 0



10

15

20

392 APPENDIX.

10 'K magaiinioyeappov. xai éot ©o pdv AZ ©o
v tov AB, BI"™ lon yag v AE vij BI" ©o 0 I'K
10 v twv BI', I'4* ion yap 5 BI =5 I'6.

‘Eav &ga toely dow svdsias év Ady@ mwi, Eora
@¢ 1 meWTN TEdG THY TElTRY, 0VT™E TO VWO THE WEWTNS
xol pfong medg O VO Tig méong xal tolrng' Omse
e dsitac.

13.
Ad libr. X prop. 32 lemma.

"H xel 81e, dv dvayodypousy 16 EI' dgdoyaviov
nepadinAdygapuoy xal cvumAnobcousy o AZ, loov
éorar 10 EI t¢p AZ" éxdregov pao adrdv diwddaiov
éoti tov ABI touyavov. xal éovs ©o ptv EI' 76 Omo
tév BT, A4, ©0 0% AZ 16 9md v BA, AL. o
doa vwd 1y BI, A A igov éotl t6 vmd tév BA, AT.

14.
Ad libr. X prop. 33.
Afjppe gl 1o Ay’

‘Eav e09sic yoaupuy tundf &g dvice, éotar og 7
svdela meog Ty ePeiaw, oUrwg TO VMO Tijg BAng xal
17jg pelbovog meog TO VWO g OAng xal tRg éAdrrovog.

Eb@sie pdg tig 7 AB vevuiodw elg dvion xeve
0 E° Adyw, 6u dg vy AE mods viv EB, ottwg to
vwd tov BA, AE modg t6 vnd tov AB, BE.

‘Avaysyodpde yap .amd tig AB tevodywvov To
AT 4B, xal dux tov E onuelov omorégy tdv ATy, BA

18. Inter 4T" et 6mzp p. 98, 15 PBFVh. 14. Post
prop. XXXIII p. 102, 4 V, mg. m. rec. B.

8, I'd] dinras. V. b, meds — 7. deife] nod égije B.
8. 7] om. FV. nel] xal quter b. 9. ovuminedouey P,
corr. m. 2. 10. zo] corr. ex. 15 V. 11. ET']) e corr. V.
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AB:IT'd=AZ:I'K[V,22]. et AZ=AB><BI (nam
AE=BI"), 'K=BI'><XI'4d (nam BI'=1I@). ergo
si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-

strandum. *)
13.

Ad libr. X prop. 32 lemma.

Uel etiam quod, si rectangulum EI" descripserimus,
et AZ expleuerimus [u. fig. p. 97, erit EI' = AZ;
nam utrumque =2 ABI" [I,41]. et EI'==BI'>< A4,
AZ = BA>< AI. ergo est

BI'>< Ad = BA> AI.

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
angulum totius ac minoris,

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB=BA> AE: AB>< BE,
describatur enim in 4B quadratum AT'4B, et
per punctum E alterutri rectarum 4I'y BA paral-

1) In B in pag. seq. figura est nostrae similis, nisi quod
litterae 4, E omissae sunt, et pro B est @; adduntur numeri
quidam et szfjpe Tov Afuparog Tod meoyeagévrog, omnia m. rec.
in textu prop. 32 (ad xol #mwel p. 94, 11) signo quodam ad
hoc lemma reuocamur.

z6) t b.  12. tév] (prius) om. P. 6] (sec) 7o b. 14
elg vo 1y’) med tod A8° postea add. B. 15, ferer] in ras. V.
18, 7 7] e corr. V m. 2.
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xapallnlos f18® 7 EZ. gavegov ovv, ot og 3y AE
%00g v EB, ottwg 10 AZ =magalinidygapuov meog
10 ZB mapalinloypappov. xai dove 10 piv AZ 1o
vao tov BA, AE" ion yap 7 AT vjj AB' 6 0 ZB
t0 tx6 rov AB, BE" loy yap 1} B4 tij AB. g éga
1 AE mpog v EB, ovtes t0 vmo 1év BA, AE
weds 0 vmo 1oy AB, BE' omso e deifan.
15.
Ad libr. X prop. 34.
Afuye.

‘Eav @61 dvo e0delar &wico, tundf 0F 4 édayiomy
avrov &lg loa, 10 Und rov 0vo £OBadv OuwAdoiov
Eorau Tov Tijg pelfovog xel tijs Ruioslag thg EAayioTns.

*Eerocay 0vo eldeia évicor of AB, BT, v ueifov
éotw 9 AB, xal revuiobw 9§ BIT 8ige xeva 6 A°
Aéyw, 81v Td Umd Tév AB, BI' dimideidy éore Tov
vmwo tov AB, B4.

"Hyd® yao and tov B onuelov vjj BT mpdg dpdag
1 BE, xal xel6Bw tfj BA lon 5 BE, xal wava-
yeyga@dw o oyfjue. émsl ovv domv dg §) AB meog
my AT, ovrwg 10 BZ meds 16 4H, cvvdévn dgu
g 1§ BI moog tqv AT, otrwg 10 BH meos to AH:
dimdeclov 0¢ dovw ) BI' tijg AT dumwAadiov dga
dorl xal 10 BH 100 AH. =xol é6ti to uiv BH 10
vmd rov AB, BI'* lon yag 7 AB vff BE' 7o 0}
A4H 16 vn6 vov AB, BA4" oy yap tjj utv B4 5 AT,
vij 08 AB v AZ' omeg ¥z Osifou.

16. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix
legi potest).

4. ZB) BZ B. b. zév] om. V. ABJ (prius) e corr. V.
8. djjupa xooyeagpduevoy B, ~ 19.tiv]om. V. 21. 4I'Jr'4 B.
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lela ducatur EZ. manifestum igitur est,
1 esse AE:EB=AZ:ZB [VI, 1]. et
! AZ = BA>< AE (nam AI = AB),
" ZB=AB><BE (nam 4B= AB). itaque

|

l

!

1 : erit AE: EB = BA> AE: AB>< BE;
r Z 4 guod erat demonstrandum.

15.
Ad libr. X prop. 34.
Lemma.

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales 4B,

4 B “’ r BI', quarum maior sit 4B, et BI'

; in duas partes aequales secetur in 4.

dico,esse AB><BI'=2AB><BJ.

ducatur enim a puncto B ad

Ez H pr perpendicularis BE, et ponatur

BE = BA, et describatur figura. iam quoniam est

AB: AI'= BZ: 4H [V, 1], componendo [V, 18]

erit BI': AT'=BH: AH., uverum BI'=24T. itaque

etiam BH = 24H. et BH = AB> BI' (nam

AB = BE), 4H= AB>< B4 (nam BA = 4T,
AB = A4Z); quod erat demonstrandam.
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16.
Ad libr. X prop. 36.

‘Exdisce 0% avrqy éx 8vo dvopdrev Oia TO éx
0vo ¢nrdv adriy ovyxeloBar xvgiov Bvope xeddv
70 $qrév, xa® O Gnrov.

17.
Ad libr. X prop. 37.

"ExcAsce 0 avtiy éx dvo uéowv mpwryy Ot To
5 OnTOV meQLéyEw nal m@oTeElv TO nTOV.

18.
Ad libr. X prop. 38.

"Excisce 0 aviyy éx dvo péowv dsvrégay O To
uéoov meguéysy ©0 Un avrdy xal py Gyrdv, dev-
reQevey 0% TO wéoov tov gnrod. Ome 0% TO VWO dyrijg
xal @Adyov megueyduevov GAoyov foriv, dfjAov. & pag

10 éotan ¢nTov xal magafifinrar magn dnriv, sin dv xel
7y évéga avrov mAsvge yri. dAde xal dAoyog® Omeg
dvomov. O &ga VO dnriig xal dAdyov &Aopdv foTiv.

19.
Ad libr. X prop. 39.
"Endieoe 0% avrny peifove dic to T amd vdv AB,
BI' ¢nra pelfove elvar vov dlg vmd vév AB, BI
15 péoov, xel 0dov slvew dmd Tiig TGV $nTdY olxeidTyTog
16. Inter évoudrav et Gmee p. 108, 16 PBFb,  17. Inter
nodty et Gmee p. 110, 8 PBFb.  18. Inter desvréoa et omee

. 114, 2 PBFb, ﬁro scholio V m. 1. 19. Inter peffor et
omsg p. 114, 22 PBFb, mg. V.

1. éndlecey PBF. 2. ¢nrav] dvopdtov F.  cvyreicdar)
xaleiodoar F (sed corr. mg.). 4. fxadecsvy PBF. 5. moo-
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16.
A4 libr. X prop. 36.

Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen uocans.

17.
Ad libr. X prop. 37.

Uocauit autem eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad Libr. X prop. 38.

Uocauit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur.

Spatium autem rectis rationali et irrationali com-
prehensum irrationale esse, adparet. nam si rationale
est et rectae rationali adplicatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; Yuod absurdum est. ergo spatium rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.

Uocauit autem eam maiorem, quia rationalia
AB?* 4+ BI"® maiora sunt medio 2 4B>< BI', et

vspevaw F. 6. éndlecsy PBF. 6] 76 w6 FV. 8. 0¢]
(prius) om. V. 9. 46zt BV, comp. Fb.  11. nlsvea adret F.
13. dnddecey PBF.  15. pécwv PBFD,
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v dvopaciav tarreadar. Ove 6% pecfovd ot Ta dmwo
160v A B, BI" 100 d0lg ¥md tov A B, BT, ottwg dauxréow.

Davegdv pdv ovv, Gt dweol &low of AB, BT.
&l yag noev leas, i6e dv v xal 1¢ dnd véov AB, BI'
©6 dlg Omwd tév AB, BT, xal qv &v xel 6 Omd téw
AB, BI" ¢nidv' Omeg ovy vméxsiwar” &vidol dga &loly
of AB, BI. vmoxeie®m pellwv % AB, xal xel6dw
vjj BI' ien 7§ BA" ©e dga and vov AB, B4 loa éotl
1 1 Olg Vmd tov 4B, BA xal ¢ and tijg AA.
ien 0t 4B tjj BI" ¢ éga ano tov AB, BI' ioa
dotl 16 7e Olg vmo tv 4B, BI' xal 16 dmo rijs
A4 dere Te. and tov AB, BI' peltove &lvar tov
dlg vmo tév AB, BI 6 ano A A.

20.
Ad libr. X prop. 40.

‘Pyrov 0% xal péeov Ovvauévy sedeiror otry Ou
70 dvvacdar dvo ywele, TO piv ¢nidv, o 6% uicov:
xal dux Ty o $nrov moovmagky mehTov ExdAscey.

21.
Agd libr. X prop. 41.
Koisi 0% avigy Ovo pfoa dvvauévny O to 0v-
vaedar avty 0Uo pfen ywola 0 Te Guyxsluevov éx
16v ano rov AB, BI" xal to dlg vmd v 4B, BI.

20. Inter dvwapévy et omee p. 116, 13 PBFb, mg. V.
21. Inter dvvapévn et Smee p. 118, 17 PBFVb.

1. 8] &% %l P, unol‘corr ex vz m 2F 2. odto
BVb. 3. ovv] odw douiy 8. dnd) w6 V. BA] corr.
ex BI' V.  9.dnd] vwé F.  =ig] ey F, om. Bb. ~ 44]
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oportet momen a proprietate rationalium dari. esse
autem 4B%-+ BI'*>2 4B>< BT, sic demonstrandum est.

i \ iam manifestum est, 4B, BI'
44 B T' inaequales esse. nam si aequales
essent, esset etiam 4B+ BI'? =2 AB >< BT, et
AB >< BI' et ipsum rationale esset; quod contra hypo-
thesin est. supponatur 4B > BI, et ponatur B4 = BI.
itaque 4B®+ BA2=2A4AB><Bd+ 44* [1I, 7).
uerum 4 B = BI. itaque

AB? + BI?=2A4AB><BI 4 44%

ergo AB% 4 BI? excedit 2 4B >< BI" quadrato A4 A%

20.
Ad libr. X prop. 40.

Spatio autem rationali ac medio aequalis quadrata
uocatur haee, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter princi-
patum rationalis primum hoc nominauit.

21.
Ad libr. X prop. 41.
Uocat autem eam duobus spatiis mediis aequalem

quadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B% 4 BI'® et 2 4B><BTI [u. fig. p. 119].

A4 P.  10. dnd] vmo F. foo — 12. A4l m. 2 V. 1L
amo] corr.ex vwé m.2F, 12. zd] t6 F.  elvar] dove BF VD,

13. dnd] corr. ex vxé m. 2 F. 44)] tijs 44 b et corr.
ex zav J4 F. 14, ¢nrdy — avry] xoleiton 0 atTp? V.

dvvauévyy BFb, et P, corr. m. 2. wodeitar abTy mfwﬁv
nadel BFb. 16. zijv] w69 V. Post modzov add. to $nrov
BFb, m. rec. P. $nddece V. 17. nedel — Svvapévny]
om. V. 19. dmo tév] om. V. 6] 70d P.
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22,
Ad libr. X deff. alt.

“Et odv ovedv tav olrwg xevedeuPavouivev sv-
Sedy tarrer mowras T vdke tesls, dp’ av 1§ peltov
zijg éAdaaovog peitov dvvarar Te and ovpuérgov éovrd,
devrégag 0} tjj tdke Tag Aoumag Toels, 9’ WY TG 4mod

b acvupérgov, dix Td WEOTEQELY TO GUUWETQOV TOU ZoUU-
uérgov' xal Er mpwtny pdv, &9’ 4g 1o uellov Svouw
oVuueTody dote T éxmeipdvy Gnrij, Osviipav 0F, fp’
ng 16 #laceov, die to mdAw mooregeiv TO weitov Tov
élaagovog te dumegiéyay 1o EAadeov, tolvny 8%, ép’

10 v undéregov Tév Svopdtav cVuucTeov ot TR fu-
xeapdvy Onvil.  xel énl tov EEfjs reudy duolwg TR
mowTnY g lonuévng devréons Takewg TeTdoTny AAAdY
xal Ty Oevrégay méumrny xal Ty teltny ExTV.

23.
Ad libr. X prop. 90.

"Eore 0% xal ovvropdtegov deifouw Ty eboey Tév

15 elonuévov 8 dmovoudv. xal 01 fore svgsiv THY
ooy, &uxeloda % éx dvo dvoudrwv mowty f AT,
g wetfov dvoue 7§ AB, xal vij BI' lon xelobw 4 B 4.
of AB, BI" &g, tovtéotww of AB, BA, ¢yrai sla
dvvduee uovov evpustgor, xal § AB tig BI', rovr-
20 £ote tiig B, upeifov dvverar ¢ amoé cvpudroov Savrs,

22. Post fxzn p. 136, 19 PBFb; mg. V, sed add. xefuevoy.
23. Post deikae p. 274, 156 PBF VD,

1. o%»] m. 2 F.  oore BFb. 3. Ante cvpuéreov ras.

1 litt. B. 4. 7é] mut. in 76 m. rec. P, corr. ex 76 F, 7é b.
b.dovppéreov] dovppéroov favey V.  dovupéreov] cvppéroon V.

6. modirn B, sed corr. m. 1. 7. devregov P, corr. m. rec. 8.
flattoy BY, comp. F. 9. {idrrovos Bb, comp. F. 76 e corr. V.
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22.
Ad libr. X deff. alt.

Cum igitur rectae ita inuentae sex sint, ordine
primas tres ponit, in quibus maior quadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
qua maius nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundam quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quoque inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
\—j———, positum primam inuenire. ponatur AT
4 4 B T rectp ex duobus nominibus prima, cuius
maius nomen sit 4B, et ponatur B4 =BTI. itaque
AB, BI'y hoc est 4B, Bd, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et 4B®
excedit BI'%, hoc est B4 quadrato rectae sibi com-
mensurabilis, et 4B rationali propositae commensu-

10. {ott ovupetoov BFb. 11, n/] corr. ex émel V. 14.
ga’ BVb. fetwv B. etonow FV? 15. #&] om. b,
16. 7] (prins) om. PV. 17, dunelofw V. 18. elowv B.

Euclides, edd. Heiberg et Menge. III 26
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xal § AB evuuerods dove vfj Exmewpdvy Gnry wxse
amorouy &pa mewry ferlv ) Ad. buoiwg 0% xel vag
Aoumag amovopag svercouey éxdéusvor tag loagiduove
éx 0vo Svoudrwv' Omep £der dsifau.

24.
Ad libr. X prop. 115.
"diAdwg.

"Eeotw uéon 5 A" Adyw, ote @md vijs AT éneigor
&doyor plyvovrar, xal ovdeuie ovdeuld THYV modTegov
7 vy,

"Hydo v} AT moog dgdas | AB, xal fotw ény)
% AB, xel evumeminewedeo o BI" &loyov dga éotl
70 BT, xal 7 dvvapévy adre dAoyds éeriv. dvvdodwm
avtd 5§ I'd* &doyog &pa dotly §) I'd. xel ovdeuid
Ty molvegov 1 avTh® To pag dm’ ovdswds TOY WEd-
tegov mage $nryy magafalldpsvoy mAdtog moiel uéany.
wady Gvumeninowcdo 0 Ed &ioyov dga forl 1o
Ed, xal % Svvapévy avté &Aopds é6twv. Ovvdedm
adrd § AZ* ddoyog dga dotiv ) AZ. xal 00dsuid TV
wobregov N alTy’ 10 pag 4w’ ovdsuiig T@Y mEdTEQOY
mwape gy megafulldusvoy midvog mouel Tty I'd.

‘And péang doo &meigor dAoyor yivovrer, mel ov-
dzule 0vdsuig THYV mEoTsgov 1) avry éoTiv' Omeg Ede
deitou. ‘

24. Post dsifor p. 370, 238 PBFVD.

8, éubéuevor] v e corr. P.  zag] om. V.  elowoi@uovs B.
4. dmeo é:u deika] om. BFVb, comp. P, 7. ylvovwn V
ovdzple] om. PF 8. 7] dony 7 B. 10 dloyov

ras. ¢.  &hoyoy — 11. BI'l mg. m. 1P, . dou P V
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rabilis est [deff. alt. 1]. ergo 4.4 apotome est prima.
similiter igitur reliquas quoque apotomas inueniemus
expositis rectis ex duobus nominibus eiusdem numeri;
quod erat demonstrandum.

24,
Ad libr. X prop. 115.
Aliter.

Sit 4I" media. dico, ab AI irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.
Ducatur 4B ad AI' perpendicularis, et rationalis
sit 4B, et expleatur BI'. itaque BI" irrationale est
[prop. XX], et recta ei aequalis quadrata irrationalis
A T 4 z est. sit T'4*= BI. itaque I'd
| ' irrationalisest. nec ulli priorum si-
| milisest. neque enim ullius priorum
B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed. itaque E A irrationale est [prop. XX], et recta
ei aequalis quadrata irrationalis est. sit 4Z%=E 4.
itaque 4Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum quadratum rationali ad-
plicatum latitudinem efficit I'4.
Ergo a media irrationales numero infinitae orivntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. {otv] comp. Fb, éere PBV.  20. dxo zijg
Bb, tijs add. m. 2 F. ylyvovzar B.  o09depla] om. PFVD,
21. ovdeplay .  dorv: Gmse £der deifeu] om. BFD,

26*
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26.

‘H ©; pera ¢nrod uédov 10 GAov moiovoy
GUupeTpos pera ¢nrov wégov To JAov moroved
éatiw.

"Eorm pste §nrod pdeov o OAov mowovea n A,
evupergog 8¢ avri) 4 B* Aéyw, v 3 B pera gyrov
uéeov to Blov mowovoa foTiv.

'Exxelodo fnry n I'd, xel 6 pév axd vig A loov
wage v I'd megefefiiodo 10 I'E midrog moiovw
vy I'Z" dmorour dga d6tl méumey 5§ I'Z. v 0% amd
tijs B loov waga vy Z E magafsfiiodw vd6 ZH niarog
mowoby Ty ZO. émel odv evpucrodg dotw ) A i B,
OVuueTeoy ot xel o Gmd vijs A TG dmo tig B. adde
t6 udv amd vijg A loov vo I'E, v 0% dmo tijs B
loov ©0 ZH' ovpustgov dga é6tl vo I'E ©6 ZH:
ovuustgos dga xel § I'Z tff 2O wine. amovouy 0%
néuwry v I'Z° dmorvops dou dovl méumry xal 3 Z6.
onryy 0t 4 ZE' éav 0t ywelov megiéynrar vmd Gnrijs
xal amovouijs méumwrng, B O ywelov Svvaudvy pere
ém:oﬁ yéo'ov 70 Glov motoved fotv. Ovvarew 0% 7O
ZH % B' 7 B dga 1 pere gnrod péeov vd Sdov mwoe-
ovex oty Omeg #0e Oclbar.

26. Alia demonstr. prop. 106, post nr. 256 PFV, mg m.
1 b, m 2B, in V etiam ad prop. 106 mg. m. 1 (V,).

1. &liwg 70 of’ V , oo’ Fb, gu& B. N — 3. éo‘tw]
om. V,. 2. Ante y.sw add. xel aver m. 2 F, xel adey 11 b,
7 F. 4. {610 7 BFbLV 6. ual g 4 ovppetgog 1 B V,

iéyo — 6. fotiv] mg. V 73 B] supra scr. m. 1 E

9. doclv P.  méumry Zotiv F. 12 B] B4 9. 13. T'E]
corr. ex ZE V, ZE b,  16. nal] dorl xel V;, Z@g corr. ex
re v, re p. 16. nsqu] (prius) om. b. 7] deziv 5 BV,.

117. év)tov P.  {nuy 0t 7 ZE] om. V,. 19. done VbV,,
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum medivm -effi-
ciens est.

Sit 4 recta cum rationali totum medium efficiens,
el autem commensurabilis B. dico, B rectam esse cum
rationali totum medium efficientem.

ponatur rationalis I'd, et quadrato 4% aequale
rectae I'4 adplicetur I'E latitudinem efficiens I'Z.
itaque I'Z apotome est quinta

r z
: [prop. CI]. quadrato autem B?
‘ aequale rectae ZE adplicetur ZH
L1 latitudinem efficiens Z @®. iam
A B 4 E

quoniam 4, B commensurabiles
sunt, etiam 4% B? commensurabilia sunt. est autem
I'E= 4, ZH = B®. itaque I'E, ZH commensura-
bilia sunt. quare etiam I"Z, Z® longitudine commen-
surabiles sunt [VI, 1; prop. XI]. I'Z autem apotome
est quinta. ifaque etiam Z® apotome est quinta
[prop. CIII]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B® = ZH.
ergo B recta est cum rationali totum medium efficiens;
quod. erat demonstrandum.

comp. BF. dé] om. V., 20, 7] (tert) PVV,, om. BFb.

21. 4oy} supra scr. V. Smeg €35 Ozifo] comp. P, om.
BFbV,. Inb add. m. 1: acavros xal tovtov 1ot Seworjparog
1) modtaarg 7 adry dot tif Tov of , of wNY ¥ natayoeeyn ral
to oyijpe dxelve ta adtd slow. fom Ot v fvéom nal aun’, S0
nol npiv woowyéyeantor. elta 1o Evdov it v gusz’vlp éotl 8’
nol éEfig Ta Aoume.
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27.

Igoxsi6dm nulyv deikar, 6t éxi THV TeTQ-
YOVOY GLNUETOV AOVRBETEOS £6TLY % Otape-
1005 T} WAevea pixeL.

"Eorw tetpdyevov 10 ABI'A, dwipsrgos 0t avrov

5 n AT Aéyw, on 9 I'4 aovpuerpds éove th AB unxse.

E¢! yap dvvarov, fot@ evppergos® Afym, ore ovu-
BrideTar Tov avrov aedpov dotiov elven xui meQLGGOY.
Qavepoy plv ovv, ot ©0 4o tiig AT dumAdeiov Tov
axo i AB. xal émel 6vuperpog dovv 3 I'4 tf AB,

10 § I'4 doa meds tyy AB Adyov &ys, Ov agLduds meos
agudpov. &érw, ov 6 EZ =eos H, xal éormoay of
EZ, H éayerol 1oy 1ov avrov Acyov éoviav alrois:
ovx doa povag Zotlv 6 EZ. & ypag E6rouw povag 6
EZ, &e 0t Adyov =meos tov H, ov &ger v AT meos

156ty AB, xal peltov 1 A tig AB, usllov &oa xul
%) EZ vov H agudpov’ Omsp dromov. ovx Goa uovdg
éotww 6 EZ agudpis dpa. xal émel oty og n I'Ad
weog Ty AB, ovtwg 6 EZ mpdg tov H, xal og doc
70 amd g I'A xds ©0 dmd tijs AB, ovrwg 6 axod

20 100 EZ medg tov amd tov H. dimAdoiov 6% 6 dwmo
wiig I'4 100 and tijg AB* dimhaciov dgo xal 6 amd
100 EZ tov amd tov H' aguiog coa é6tly & dmd tov
EZ' &ove nal adrdg 6 EZ Goricg éovwy. & yap v
WeQLOGSg, xal 6 X’ avrod TETEUY@YOS WEQLEGOS 7Y,

Post. nr. 26 PBFVbD.

@f b, en” B; e’ corr. in ® m. 2 F. 1. 8] m. 2 B.

2. ovppergog F, corr. m. 2. 5. I'4) AT FV.  ovppereos
F, corr. m. 2. 7. meotrrov V. 8. éott rov Bb, et add.
m, 2 F. 9. tij¢] corr. ex. rov m. 1 b. TI'A] AT F. 10.
I'd}in ras. V, 4T F. &eex] om. V. 11.3v] in ras. B.
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21.

Propositum sit nobis demonstrare, in figuris qua-
dratis diametrum latusque longitudine incommensura-
bilia esse.

Sit 4BI'd quadratum, diametrus autem eius AT
dico, I'd, AB longitudine incommensurabiles esse.

pam si fieri potest, commensurabiles sint. dico,
fore, ut idem numerus et par et impar sit. manifestum
igitur, esse AI'* = 2 4B® [I, 47]. et quoniam I'A4,
AB commensurabiles sunt, I'4: 4B rationem habet,

4 B Z- quam numerus ad numerum
AN l I [prop. VI]. sit
® m_ . TI'd:4B—EZ:H,
EJ et EZ, H minimi sint eorum,
4 r " qui eandem rationem habent

[cfr. VII, 33]. itaque EZ unitas non est. si enim
est unitas, et EZ: H = AI': 4B, et AI' > AB, erit
etiam EZ > H, unitas numero [V, 14]; quod absurdum
est. quare EZ unitas non est. ergo numerus est.
et quoniam est I'd: 4B =EZ:H, erit etiam
I'4?: A4B* = EZ®: H®* [VI, 20 coroll;; VII, 11].
uerum I'4® =2 4B itaque etiam EZ?= 2 H® quare
EZ?® par est. itaque etiam ipse EZ par est. nam
si impar esset, etiam quadratum eius impar esset,

EZ] E in ras. m. 1 P. t6v H BFb. 12, H] om. b.

14, #ye1 0¢] »ol &y BFb.  modg] (prius) comp. corr. ex
comp. »ef m. 1 F. ~ 16. Post EZ add. povas Bb, m. rec. V.

17. éoriv] (prius) m. 2 F. T'4] AT B. 18. 7¢v] o in
ras. B. 19. I'd] I'inras. V. A4B] Binras. m.1 P, 21,
tiis] rov PFV. &no zig] m. rec. V. ziis] tod P. di-
niasiov F, dumldoiog V. ~ 6] o Fb, 22. 7o¥] (primum)
wis F. 23 Gora] -eecorr. V. 24 w] dw iy V
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émednme, dov meguodol agLdpol 6moeoLoTY GUYTERBELY,
76 0t mAjBog adrdv meie6oY 1), 6 Slog meguoodg éoriy
0 EZ tga &oridg éovwv. weTuiodm Olye xave vo O.
xel énel of EZ, H éhdyerol sl tév Tov adrdv Adyov
érovrov [avrolg], memror meog dliflovg elolv. xel
0 EZ égriog: mepueads doe fotiv 6 H. & pag qv
&oriog, vovg EZ, H Odvoag duérger’ mig pag &Quiog
&reu pégog ey modtovg Ovrag mEog wAdjdovg: Omeg
dotly advvarov. ovx dpa doeridg éoriw O H' mepuocdg
doa. xal éwel dumddeiog 6 EZ vot E®, terpamhdciog
&g 6 axo EZ tov énd E@. dimhd6iog 0t 6 amd tov
EZ 1o ano tov H' dimideiog dea 6 and tov H tov
and E@" dgriog dga dotiv 6 dmd tod H. detiog doa
O o elgnuéva 6 H' aArle xel megueadg: Omso éoriv
advvarov. ovx e evuusteds éoriv ) I'd vij AB
wijxer: Omep £0su Osifou.

"dAlasg.

[dextéov ol érépmg, Ot aevuucrods oty 7 Tov
reTgay@vov Oudusrgog Tf WAEVQE].

"Eere avrl updv tijg Owouérgov 1 A, dvrl 0% g
nlsvgds 1 B' Adyw, Gtu devuuctods éotiv 1 A i} B
uijxe. & pog dvvardy, Eotm [6vuuergog xal peyovitw]
ndiv og 1.4 mpdg v B, otrws 6 EZ dgiBudg meog
tov H, nal éorweav layeror tiv tov avrov Adyov
éyéviwv alrols of EZ, H of EZ, H &g« mpdtor moog

1. ovvre®odor PFV. 2. 6] om. B, sl 6 FV. 8. doruv]
comp. Fb, f6e PBV. @©] e corr. B. 4. H agidpol/ BFb,
5. advoig] om. P.  &ls/ PVb, comp. F.  xoel] nal éorew
BFb. 7. pevgei F, corr. m. 2; &v fpéreer benme edd. 10
dimldowog] dimdaoids éorey F, dimdaolov dotiv Bb. 11, a=é]
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quoniam, si numeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eorum, qui eandem ra-
tionem habent, inter se primi sunt [VII, 21]. et EZ
par est. itaque H impar est. nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E®, erit
[VIII, 11] EZ* =4 E®% est autem EZ®— 2 H%
itaque H? =2 E@®. quare H® par est. itaque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'4, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.

Sit pro diametro 4, pro latere autem B. dico,
A4 et B longitudine incommensurabiles esse. nam si
fieri potest, sit rursus ut 4:B, ita numerus EZ ad H
[efr. prop. VI], et EZ, H minimi sint eorum, qui
eandem rationem habent [cfr. VII, 33]). itaque EZ, H
primi sunt inter se [VI], 21]. primum dico, H unitatem

m. 2 F. EZ] ot EZ Bb, m. 2 F. E®] 9 E@ Bbg.

12. H] (prius) H 4 b. 13. E®] OF in ras. V, 70t E@
BFD. 14. foziv] om. V. 15. I'4] in ras. V, supra scr.
4b.  16. Post pijxze add. doduuetgog dou (dee m. 2 F) BFD.

ongo £0eL deifer] comp. P, om. b, ofj :~ B. 17. &Mog]
om. BFVb, oif’ mg. F 18. demtsov — 19. mlevoi] om. P,
mg. V. 20. éorm yog BFb.  22. cdpperoos: nel yeyovéto
om. PV, m 2 F. 256 adrois] om. Fb, m. 2 B. of] (prius
e corr. V. nmeéTot] supra scr. m. 1 F.
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addijiovg elalv. Adyw momrov, 6ve 0 H ovx &6Ti povdg.
& yag dvvardv, f6to povdg xol émel dovwv g ) A
1 M ~ € A A\ ¢ »
moog v B, otrwg 0 EZ meés tov H, xal ag dpa
T0 and tig A meos 7O axod tig B, otrwg 6 dwd Tov
EZ mgdg tov amd tov H. dumddewov 0% 76 dmod tijg
A zov amd vig B* dumhddeiog dga xel 6 amd Tov EZ
T0v amd tod H. xal éome movag 6 H' Odvag dga 6
3 A ’ ~ k) ’ A »
ano EZ zergaymvog Omep fotly ddvvarov. ovx oo
povag oty 6 H' doududs doa. =al émel oty og
T0 dnd tig A medg vo aml g B, ottwg 6 amo EZ
meog TOv amo tov H, xel dvdmedw g 70 dmO TG
B medg 70 amd tijs A, ottwg 6 amd Tov H mdg Tov
ano tov EZ, uevpel 0t ©o dxd tiig B ©0 amd g A,
pergel doa xol 6 dmo tov H terpdywvog tov amd tod
EZ' dore xal 7 mhevga avry 6 H tov EZ pevgsi.
uetgel 0% xol favtov 6 H 6 H dpe vovg EZ, H
petoel mowTovg Gvrag medg dAMjlovgs Omep dotlv
advvarov. odx dou 6Vuueteds éotiv n A T B wixer
9 ’ ” L ~ J -~
QoVUuETQOg e éoTiv: Omep et Osifau.

28.
Zy6ieow.

Evonuévov 03 tov uijxe dovpuétoov svdedv,
g tov A, B, sdplonstor xal &Aa mAsiora peyédn éx
0vo diaoracewy, Aéyw 01 éminedo, aovpueroa aAljio.
dev pag tév A, B 0%adv plony dvdioyov Adfousy
iy I, &6var eg ) A meds vy B, ovrwg 70 amd vijg

28, Post. nr. 27 PBFVb.

1. elal PVb, comp. F. ot modzoy b, 3. 0]
tov] mjv Fb. 4. 7] 6 P. 6] zov P. To?]
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+ - B non esse. nam si fieri potest, sit

HI unitas. et quoniam est 4:B=EZ:H,

i erit etiam 4%: B — EZ*: H* [VI, 20

1 coroll.; VIII, 11]. uerum 42 = 2 B?

{I, 47]. itaque etiam EZ®=2 HZ. et

H unitas est. itaque numerus qua-

dratus EZ? binas est; quod fieri non potest. quare

H unitas non est; ergo numerus est. et quoniam est

:B2=EZ?: H%, et e contrario [V, 7 coroll]

B’ : A* =H?: EZ?, et B® metitur 4%, etiam H*® metitur

EZ: quare etiam latus ipsum H numerum EZ me-

titur. uerum H etiam se ipsum metitur. itaque H

numeros EZ, H metitur inter se primos; quod fieri

non potest. quare 4, B longitudine commensurabiles

non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

28,

Scholium.

Inuentis igitur rectis longitudine incommensura-
bilibus, uelut 4, B, etiam plurimae aliae magnitudines
duarum dimensionum, scilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas 4, B
mediam proportionalem sumpserimus I, erit ut 4:B,
ita figura plana in 4 descripta ad figuram in I' si-

dimddciov P. 1. 6 and] dovww 6 Fh, dorww 6 dwo tov B.
10 76] (prius) supra m. 1 dng] (tert) om. BFb. 11
ano zov] om. BFb.  13. 76] (a.lt) corr. ex 7o m. 1 F. 14,
6] <6 F.”  16. avrig B. 18. % A] e corr. V. 19. Zoziw
om, BFb. dmse é'&u deifer] comp. P, om. BFb:  20. oyéliow
om. FVb (in fig, gm F), oxa’ B, 22. wo{onowm B (corr.
w. 2) Fb. 28, 7] 0y 6u F.  émimedov F.  odupsrex B,
sed corr. 24. &vdetdv] om, BF.

-
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A énimedov mpdg 1o amd tijg I' 70 Spotov xal duoing
avayea@ousvoy, &ite TeTouyave &N TG dvayQaRPOouEve
elre Frega cvBVppapue Gpoie &lte xvxAor mel Ove-
uérgovs tag A, I', émsimep of xvxAor meodg dAirjAovg
eloly g T@ dwd TGV Slauérowy TeTQAy@VE. SVUQNVTHL
doa xal émimsda ywple acvppsvoe dlifloig® OmeQ
£0er Osibar.

Aedsypévov 0 nel tov éx 0vo dixsradioy Oia-
@opwv aovuuérony ywelov dslfousy Tois axd Tig TV
otsgedy Demplag, 0g Eoti xol eTeged GVpueTon TE KOl
dotpperpe cdijlos. fav yap éml Tov dmd v A, B
reTpaydveoy 4 tov [6ov avtols sUBVYduuOY GvaoTY-
douey (ooiyy otepen mogalinlemimede 1 mvgauideg
1 molouate, éover T evacradévia meds dAlnie dg af
Pooeg. xol &l udv evpuergol eloww of Paceg, Gvp-
uerga Eoten xol To 6TeQEd, & OF dGVuuETQor, GOV~
uerge. Omep #0s Osibar.

"AAé pny xel dvo xvxAov Svteov tév A, B fov
an’ avrdy leovypeis xavovs 1) xvAivdgovs avaygdpapusy,
Zoovrar meog dAAjlovs @g af Pdesg, TovréeTv og of
A, B wvxlor. xel &l ulv evpuergol slow ol xvxdor,
ovpuergor Eoovrar xel of Te ndvor meog dAiflovs xal

1. énimedov] eidog BFb. w7ig] om. P.  wal] ze nal V.

2. dvayeyoappévoy BF, mg. b,  avayeyoapuéve BFb.  3.si%s]
(prius) eize nal P. - 4. émel yag, supra ser. wee m. 1 F. Mg, padijop
tovro #v 16 B’ tod 1f’ év zoig oregeois m. rec. B, 6. dmeg
8z dsikae] :~ BFD, et P, sed supra ser. m. 1 comp. 8.
exf’ B. 9. ywolwy govuppéremy B.  voig] &» zoig Vb, 11.
amo tév] om. F.  12. dvastijow V, deinde supra scr. adroiy
m. 1. 13. loovys] - inras, m. 1 B, loovyi orceec mapol-
Anlemwinmede] mg. V, in textu del. loovys yoapues 7 magaldni-
emineda.  mogalinloswinsda ¥, magalinle énimsda b. 7] e
corr. F; olov, supra scr. 4 m. 1 b. 14, o¢] postea ins. m.



APPENDIX. 415

milem et similiter descriptam [VI, 19 coroll], siue
quadrata sunt figurae descriptae siue aliae rectilineae
4 r B similes siue circuli circum diametros 4, I,
quoniam circuli eam inter se rationem habent,
quam quadrata diametrorum [XII, 2]. ergo
etiam plana spatia inter se incommensu-
rabilia inuenta sunt; quod erat demon-
strandum.

Inuentis iam spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
surabilia, si enim in quadratis rectarum A4, B uel
figuris rectilineis iis aequalibus solida construzerimus
eiusdem altitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia [prop.
XI]; quod erat demonstrandum.

praeterea si 4, B duo circuli sunt, si in iis conos
uel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc est quam
circuli 4, B [XII, 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V. 1e. acv{metqot’ slow ol focers V.  17. Gmeq £0es dsifor]
om. BFb. 18. ¢xy’ B. #Uxlov] in ras. V. 20. ag ]
om. P, m. 2 V., Post alt. o ras.” 3 litt. V. 21. elowy
elew v 22, xa/} om. B.  ze]om. b.  mpog e¢ldflove
dilijiog BFD.
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of xVAwdgoi, &l 0t aevuucrool elaw of wvxdot, aevp-

peroor ¥eovrar xol of xdvor xel of xVAwdgor. xel

pavegoy nuiv yépovev, 8. o udvov éml yeauudv

xal Emupovacdy €6te Gvuustole Te xel acvupuperele,
5 alda xel éml Tév Gregsdy eynudrov.

1. 681  F.  slow] elev b. 3. yéyove V. 6] 8 &

PV. i) éni ve P. 4. »al] 7 P. dotv ovpperee P,

aodgpetoa P. Mg, ye. cdpusroe xel dodvpuerge m. 1 b, 5.
cregemy] Etéguv
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erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euclides, edd. Heiberg et Menge. III. 27



