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PRAEFATIO.

Praeter codices solitos PBF Vb, quos ipse contuli,
nisi quod cod. Bodl. B ab initio usque ad finem
definitionum alt. p. 136, 19 beneuclenter conferendum
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc
libro X uti mihi licuit pahmpsesto cod. Musei Britannici
Add. 17211 (L), de quo,cfr. uol. IV p. VI; continet

X prop. 15 p- 44, 12 pergnoee ad finem prop.

X prop. 16 p. 46, 2 (uéye)dog — p. 46, 8 Ore.
D- 46, 17 (pe)rosi ad finem prop.

X, 16 lemma p. 46, 23 -uov &leimov ad finem.

X prop. 31 p. 92, 19 (ué)oee ad finem prop.

X prop. 32 totam.

X prop. 32 lemma ab initio ad p. 96, 20 Gie.

X prop. 80 p. 240, 9 dvvarov ad ﬁnem , brop.

X prop. 81 ab 1n1t10 ad p. 244, 10 ¥mo.

X prop. 112 p. 358, 19 B4 ad finem prop.

X prop. 113 ab initio ad p. 362, 19 otrwg.

In appendicem hic, ut semper, ea sola recepi, quae
in uno saltem meorum codicum in textu legebantur;
quare in mea editione quaedam eorum, quae Augustus
in app. V habet, frustra quaeras; sunt enim scholia
marginalia, quae in uol. V suo ordine edentur. Pro-
legomena critica quominus uel huic uel quarto vwolumini



VI PRAEFATIO.

praemitterem, sicuti constitueram, prohibuit ratio scho-
liorum, quae quinto uolumine comprehendentur. nam
cum inde non pauuca subsidia ad codices aestimandos
peti posse uiderem, statui iis demum editis ad pro-
legomena illa adcedere.

Serib. Hauniae mense Nouembri MDCCCLXXXYV.
I. L. Heiberg.
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Euclides, edd. Heiherg et Menge. III. )
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o. Zvpperoe peyédn Adyerar v 1% avrg péree
petgovpsve, advpucroe 04, av undlv wdéyeren
x01v0V iTgov yevéedal.

- . B. Eddetos Svvapes 6vuuergol elow, Svav o an’
aVTOY TETQUpOVE TEO aUTE Jeele WETETTRL, GOVU-
pergor 04, Svav volg ax adrdv Terpaywvorg undiv
ddéymron yoolov xowdv uérgov yevéedau.

Y. Tovrav Umoxapévey dstxvvvar, v vjj moove-

10 deloy evdely Dmdorovey evdeiar wAdes Emegor GV~
peTgol ve xal devppstgor al pdv pixer povov, af 0
nel dvvdues. xedelodm ovv 7 udv moovedsice Pl
onT, xal of Tavry evuppergor &ive wixer xal dvviuse
site dvvdapsr pévov gnral, of 6% vadry dovuusrgor

16 ZAoyor xalsloFweav.

0. Kel vo udv and vijs mporedelong svdelag terod-
yovov dnrdv, xal t@ Tovte evupcton gnTd, T OF
TovTe qovpuerga &Aoye xelelodm, xal af dvvdpevear

Ad deff. cfr. Hero deff, 128—129, Anonymus Hultschii p. 256,
Martianus Capella VI, 718.

Ebnieldov arorygslwy v PV, Evuleldov erotzelov tijs Sémvog

2uddoews T F, Evuleldov oroigelov T tijg Séovog #nddcewg b.

1. dgot] om. PPV, Goot tot © b, Ggos 7ot T B. numeros om.

codd.  b. Ante cvppergor ras. 1 litt P. 8. vdéysron bo.

9. moooredeion b et e corr. F. 10, Post #98ele add, Theon:

- tovtéomv dg 15 QéosL o péree TO TE WNYVaiov Rl TO M-
/ Suoriaiov xal 16 dantvliaior 7 16 wodiaioy Aapfdverar (BF VD).



Liber X,

Definitiones.

1. Magnitudines commensurabiles uocantur, quas
eadem mensura metiri licet, incommensurabiles autem,
quarum communis mensura inueniri nequit.

2. Rectae potentia_commensurabiles sunt, ubi qua-
drata earum eadem mensura metiri licet, incommensura-
biles autem, ubi nullum spatium communis quadra-
torum earum mensura inueniri potest.

3. His suppositis demonstratur, rectas numero in-
finitas esse datae rectae commensurabiles et incommen-
surabiles partim longitudine tantum, partim potentia
quoque. iam data recta rationalis uocetur, et quae ei
commensurabiles sunt siue longitudine potentiaque
sine potentia tantum, rationales, quae autem ei in-
commensurabiles sunt, irrationales uocentur.

4. Et quadratum datae rectae rationale uocetur,
et quae ei commensurabilia sunt, rationalia, quae autem
el incommensurabilia sunt, irrationalia, et rectae, quae

nlij@e] om. F.  evppereol te nal] supra scr. m, rec. P.  11.
povoy, of %] om. Theon (BFVhb). 12. Post dvwdpe: add.
Theon: «i 0t dvwdpst pdvoy (BF VD). mQooredsicn b et e
corr. F, 14. ovppsreor b, corr. m. rec.; deinde add. Theon:
%are 10 cvvauglregoy (cvy- om. b), tovréomy (ual del. F) pojueer
nal dvvaper (BFVD); idem P mg m. 1 pro scholio. 16.
wgoozedelong b et e corr. F. 17. 671103] om. ¥, 18. Ante
dloya add. xeta 0 cvvepgporseoy F; idem P mg. m. 1 pro
scholio. x»elelo®@woey Theon (BF Vb).
1*
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avre &Aoyou, & pdv Tergdywve iy, avral af mAsvga,
&l 0t frepd twa svIVygapue, af loa avroly TeTpdywve
dvaygdpoveas.

’

o,

dvo peysdav avicov éuxeipévor, dav anod
100 pelfovog adgargedy peilov 74 T0 fuiov xal
0l xavaleimwopévov pelfov 4 1o Tfuiev, zal
TovT0 ael ylyvyrar, Asipdijoeral i péysdog,
0 é6var lacdov oD Euxsipévov éAdddovog pe-
yEdovg.

"Eetm 0vo uepédn dviee ve: AB, T, dv usetfov 7o AB:
Adya, 8ti, dav dmd vov A B dpaigedy] pettov 7 To fjuiov
xel vob xateismopdvov ueifov 1 O fuiov, xal TovTo
asl ylyvnron, Acpdjceral vv péysdog, 6 Eorar fAacoov
o0 I' peyédovs.

To I' yag morhamhadiatousvoy &6tor mord tov AB
psifov. memoddomaloiaedw, xel é6rw 10 AE tov ptv I
mwoAiamwda6iov, vov 0t AB psifov, xal dinerede 10 4E
slg v ©6 I" low te AZ, ZH, HE, %ol doyoede dxd
udv 100 AB peifov 4 ©d fjuev ©o BO, dxd 6% vot 4O
petlov 4 76 fwov v6 @K, xal tovro d&l ypuyvieda,
&g dv of &v 16 AB duugéeag ldomdndeis yévavrow
tals év ©0 AE Ouugéoeoiy.

"Eetméav ovv of AK, KO, @B Odwupéosig l6omi-
Peig oveaw tais AZ, ZH, HE' xal énsl peitov éoti To
AE rov AB, xal agrjgnrar and ptv vov AE Eaceov
Tov fuideag 1o EH, and 0t tov A B psitov 7 70 fuiev

1. dloye V, corr. m. 2. Deinde add. xeleloBwony Theon
(BFVb). 2. foor 9. 6. Zuneipévwy] ante avicov add. B

mg. m. 1. 8. ael] elel F, del dv V?  ylvmron V (5 e corr),
yilyveror b, Anpdrjoeror Vb, 9. oty Theon (BF Vb),



ELEMENTORUM LIBER X.

[}

quadratae iis aequales sunt, irrationales uocentur, in
quadratis ipsa latera, in ceteris figuris rectilineis eae,
ex quibus quadrata illis aequalia construi possunt.

L

Propositis duabus magnitudinibus inaequalibus si
a maiore plus quam dimidium subtrahitur et a re-
liqua plus quam dimidium, et hoc semper fit, magni-
tudo relinquetur, quae minor erit proposita magni-
tudine minore.

Sint duae ‘magnitudines inaequales 4 B, I, quarum
maior sit 4B. dico, si ab 4B plus quam dimidium
subtrahatur et ab reliqua plus quam dimidium, et hoe
semper fiat, magnitudinem relictum iri, quae minor
sit magnitudine I.

Nam I' multiplicata aliquando magnitudine 4B
maior erit [cfr. V def. 4]. multiplicetur et 4E magni.
tudinis I' multiplex sit, eadem autem > 4B, et 4E
in partes magnitudini I" aequales 4Z, ZH, HE diui-

X 6 r datur, et ab 4B plus quam
A4 — D i dimidium subtrahatur B®, ab

Z H A0 autem plus quam dimi-

_— ' ‘ ’ dium @ K, et hoc semper fiat,
donec in 4B totidem diuisiones fiant, quot in AE.

flatrov F.  zod]om. V? dywspévovb. éldrrovegF. 12,
87 8ze b. 13 nal — Fjpiov] om. P.  xal] (prius) xeldwo V. 14.
alel F.  ylyverou V), ylyqree b, Ang@roetar V. domy V.

flarzoy . 16, yaq] dgga F.  AB peyé®ovg Theon (BFVD).

19. &lg] m. rec. B. omo] om. V. 21, ywéshe P. 23.
taig] corr. ex zer m. rec. b.” 24, ovv] om. b. dixgéois P,
sed corr. 25, HZ F.  dguw F. _ 26. 7od] (alt.) post ins.
m. 1 F. 27, nylasog b, m&laovg V. 6] corr. ex rov F.

7 10 fpiov] tov fuissws F, tod fplccog BVb.
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0 BO®, lowwdv doa 10 HA Aoimod vov @A usifdy
doviv. xal émel usifdv dore vdO HA vov ©A4, xol
dprenves ot utv HA fuev 6 HZ, vot 0% @ 4 psifov
7 70 futev 10 OK, Aoumdv tga 10 AZ Aowmod tov AK
ueifov éotww. loov 0% ©0 AZ v I xel vo I' dpa
rov AK peifov dovw. Edagoov doa v60 AK vov I.

Koavaldsinerow dga amd tov AB peyédovg 16 AK
uéyedog Elasgov dv Tov duxsuuévov éhdadovog peyédovg
tov I™ Omep é0av Osibow. — Opolwg 0% dsuydjcerau,
%y nulon 17 Te dopaigovusva.

g.

‘Eav 0vo peyeddv [éxxeipévov] dvicov avd-
vpaigovuévov ael o éAdeeovos amo ToU pEl-
fovog T0 xaraleimopcvoy pndémors xarausTel
t0 wed favrod, advupsroa EoTal va wEpidn.

dvbo pag peysddv Svrav avieoy tdv 4B, I'd el
élaecovog 0¥ A B avdvpaigovudvov dsl Tov éAdeaovog
amd vov pelfovog Td meguismipevov undémore wava-
peTgeltom ©o o favrov: Adypm, 8ti devpusted fovi To
AB, T4 usyéd.

Ei yag éove evuueroa, pergrids T avre uépsdog.
perosirew, & dvvariv, xel ot 16 E° xal 1o uiv AB
10 Z A xoroepstooty Aamiteo éoviov éAaedov vo I'Z,

2, 4otv] comp. Fb, 46w BV. dou] om. V. 4. 9 70
fjutev] rod ﬁm’asog BVb, tov nuleswg F. 7. naraléleimrar Bb.
8. dyneipevov b.  dldveovog F.  10. nplovn P, fuicsa V.
Seq. demonstr. altera, u. app. 12. éxxewpévor] mg. m.
1P.  avdvgaigopévov V, corr. m. 2. 18. aisl F, éldz-
zovogF. 15. zd] o F, corr.m. 2. 16. zal dvzog Theon (BF V),
17. éldrrovog F.  avBvgargopévov V, corr. m. 2.  alel F.
19, domv P. 21, édori] supra ser. - V. =] om.F. 283,
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diuisiones igitur 4K, K®, ®B numero aequales sint
divisionibus 4Z, ZH, HE. et quoniam A4E > 4B, et
a AE minus quam dimidium subtractum est EH, ab
AB autem plus quam dimidium B®, erit H4 > 60 4.
et quoniam HA > @4, et ab H4 dimidium subtrac-
tum est HZ, a ® A4 autem plus quam dimidium @K,
erit 4Z > AK. uverum 4Z = I. quare etiam I" > 4 K.
ergo AK<TI.

Ergo ex magnitudine 4B relinquitur magnitudo
AK minor proposita magnitudine minore I'; quod
erat demonstrandum. .

Similiter autem demonstrabitur, etiam si, quae
subtrahuntur, dimidia sunt.

1L

Si ex duabus magnitudinibus inaequalibus minore
semper uicissim a maiore subtracta reliquum nunquam
praecedentem magnitudinem metitur, magnitudines in-
commensurabiles erunt.

Datis enim duabus magnitudinibus inaequalibus
AB, I'4 minor sit 4B, et minore semper uicissim a

maiore subtracta reli-

E H
—_ Ar———+—— B quum ne unquam prae-
z cedentem magnitudi-

I

nem metiatur. dico,
magnitudines 4 B, I'4 incommensurabiles esse.

Nam si commensurabiles sunt, magnitudo aliqua
eas metietur. metiatur, si fieri potest, et sit E. et 4B
magnitudinem Z 4 metiens se ipsa minorem relinquat

Z 4] mut. in I'd m. 2 B, m. rec. b; 4Z e corr. PV.  {ldo-
cove P, sed « del.
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76 08 I'Z v0 BH xatopsrgotv Aaumérm savrov Elaceov
70 AH, xel vovro del pwécdw, fwg 0¥ Aepdf) o ué-
yedog, 0 vy EAadaov vov E. yeyovétm, xol Asdelpdm
v0 AH Eacoov ot E. émel ovw ©6 E 10 AB uerosl,
aAde 10 AB to AZ uergsi, xal ©6 E dga 10 ZA ps-
Torjoel. uevoet 0% xal Sdov v0 I'd* xal Aoumdv oo
10 I'Z pevgrjoer. adia ©o I'Z ©0 BH pevoei nal vo E
doo 0 BH pergel. pergel 0% xal ddov 10 AB* el
Aowwov doa 10 AH pstonee, to peifov vo EAaceov
Omsp dotlv advvarov. ovx doo va AB, I'd psyédy
peTonosL Tv uéyedog: aovuuctoa doo éotl va AB, I'd
peyéd.

‘Eav &ga dvo ueyedév dvicov, nal vo EEijg.

7.

dvo peysdodv evppirgoor dodéviov o ué-
y16T0v adrdy x0Lvov wérgov svgsiv.

"Eerwm 1 dodévra dvo ueyédn ovuucroate AB, I'4,
v ékaceoy 16 AB* dsi 0 tdv AB, I'd 1o pépiorov
xowov uérgov svEiv.

To AB yag uéyedog firor pevgel v6o I'd 7 ob. &
udv ovv pevesi, wergsl 0% xal fovrd, 16 AB doa TV

1. BH] in ras. P, mut. in B4 B m. 2, in 4B m. rec.; H
ecorr V. 2. piyvéedo F.  Angdi BVb. 3. foroau P. &laz-
tov F.  elljgfo V. 4 2] (pr) oo F. 6. Z4 P. Zd]
mut. in 4Z V, 4Z BFb. 8. BH] HB P.  puereel] (prius)
supra m. 2 F.  10. doc&v] om. V. ~ 11. Post = ras, 1 Litt. V.

dotiv P, 13. peyeldv duxeipévary F.  xel v £Eig] dmeg

A

#0e deiker V (post étng add. (@ b); dxnapévav avisov dvd-
vpatgovpivoy ael Tod flddsovog amo Tob pelfovos 7o noreder-
mopevoy undémore xorapstel 0 mEod EFavrod, dovupsron foron
ta peyédn m. 2 V, del. dvlooy lin. 13.  17. fotwcay F. odp-
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I'Z, I'Z autem BH metiens se ipsa minorem relin-
quat 4 H, et hoc semper fiat, donec relinquatur magni-

tudo minor magnitudine E. fiat et relinquatur 4 H < E. ‘[bt¢‘z]

jam quoniam E magniﬁ\ldinem AB metitur et 4B
magnitudinem 4Z, etiam E magnitudinem Z A metitur.
uverum etiam totam I'4 metitur. itaque etiam reli-
quam magnitudinem I'Z metietur. sed I'Z magni-
tudinem BH metitur. quare etiam E magnitudinem
B H metitur. verum etiam totam 4B metitur. quare
etiam reliquam 4 H metietur, maior minorem; quod
fierl non potest. itaque magnitudines 4B, I'4 nulla
magnitudo metietur, ergo magnitudines 4B, I'4 in-
commensurabiles erunt [def. 1].

Ergo si ex duabus ‘magnitudinibus inaequalibus,
et quae sequuntur. ’

IIL.

Datis duabus magnitudinibus commensurabilibus
maximam earum mensuram communem inuenire.

Sint duae magnitudines datae commensurabiles 4 B,
I'd, quarum minor sit 4B. oportet igitur magnitu-
dinum 4B, I'4 maximam mensuram communem in-
uenire. '

Nam magnitudo 4 B magnitudinem I'4 aut metitur
aut non metitur, iam si metitur, et se ipsam quoque

petoa peyédn V. 18, flarrov . 20. péysdog] om. Theon

(BFVDL).  #ror] m. rec. P. 21. Post odv add. zo 4B 16

rav. petoel] (prius) supra m. 1 B.  avzd B, corr. m. 2.
tév AB, I'd] om. V

$ee

Keatls
Z, f'€
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AB, I'd xowdv ye’rgov dotiv: xal (pawepdv, ot el
uéyiovov. ueifor pag rov AB peyédovs 16 AB ov
peTNos:.

M pergsire 01 ©v0 AB 0 I'd. xel avBvpagov-
pévov del tov éhdogovog dmd Tov pelfovog, TO meQL-
Aeumopevoy petori6er mor: O mEd favrov Ol TO i)
elvar dadpperge v& AB, I'4* xal 76 ptv AB 76 EA
xoTaueTgoty Aamérw Eavrov fAmdoov vdo EI, 7o 0%
EI" ©0 ZB xatapergotv Asimérm Savrot EAadeov To
AZ, o 0t AZ vo T'E pergetro.

'Enel ovv 10 AZ 16 T'E pergst, dAdé ©6 TE 1o
ZB pevost, nel vo AZ dga ©0 ZB perorioe. uerosl
0% xel fevvd: xol GAov dpa 0 AB pevgros 1o AZ.
alde vo AB ©0 AE pevgeis xal 10 AZ éga 10 E4
peroroe. pergel 0% xal 1o I'E* xal SAov doa vo I'd
peroel ©0 AZ Goa tév AB, I'd xowdv uéroov éotiv.
Adyw 87, Orv xal pépiorov. & pag uif, Eorow T pE-
yedog petfov vov AZ, o pergros v AB, I'4. éotw
70 H. émel ovw t0 H 70 AB perget, alde to AB
©0 EAd pevgel, xal ©0 H doa ©0 EA peroroes. upsroel
0t xal SAov 16 I'd* xal Aoumdv dga ©0 I'E psrgrioe
0 H. alde ©0 T'E ©6 ZB pevgei® xel to H doa
0 ZB uergrioer. perget 0% xal SAov ©o AB, xal
Aowwdv ©0 AZ uevorjcer, 1o peifov o éacdov: Ome

1. Zozfv] comp. F, Zov! Bb, datl wév 4B, I'd V. nai)
(alt.) uérgow foul V. 4 %] om. 'BFVb. av&mpmqoysvov v,
ged corr. m. 2; av»ﬂmpmooysvow F. B. ael] doadsl VD, &oa F
om. B (dox as[ m.2). 8. to ET — 9. #lagoov] m. 2 B. 10,
0 AZ) AZ 8¢ P. 18. perorees — 14. AB] mg. w. 1 P.  14.
Post 4Z ras. 1 litt. V. 16. pezoei] pevonos F. Deinde add
Theon: 16 AZ doa ta AB, I'd pergsi (BFVD); ldem m, rec. P.

doa] om. @.  dotl BV comp. Fb. 18. za] 6 B, corr.
m. 2. Post I'd add. peroeiro xe/ V, sed punctis del. 20,
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|— Al— } i 1B

Ii—— ! 14

metitur, 4B magnitudinum 4B, I'J communis est
mensura. et adparet, eandem maximam esse; nam mag-
nitudo magnitudine 4B maior 4B non metietur.
itaque ne metiatur 4 B magnitudinem I'4. et mi-
nore semper uicissim a maiore subtracta reliquum
aliquando magnitudinem praecedentem metietur, quia
AB, I'd incommensurabiles non sunt [efr. prop. II].
et 4B magnitudinem E.J metiens se ipsa minorem
relinquat EI', EI" autem ZB metiens se ipsa minorem
relinquat 4Z, et 4Z magnitudinem I'E metiatur. iam
quoniam A4 Z magnitudinem I'E metitur, I'E autem Z B,
etiam 4Z magnitudinem ZB metietur. uerum etiam
se ipsam metitur. quare etiam totam 4B metietur 4Z.
sed 4B magnitudinem 4E metitur. itaque etiam 4Z
magnitudinem EA metietur. uerum etiam I'E metitur.
quare etiam totam I'J metitur., itaque 4Z magnitu-
dinum 4B, I'4 communis est mensura. iam dico,
eandem maximam esse. nam si minus, magnitudo erit
maior magnitudine 4Z, quae 4B, I'd metiatur. sit
H. iam quoniam H magnitudinem 4B metitur, et 4B
magnitudinem EA4 metitur, etiam H magnitudinem
E A4 metietur. nuerum etiam totam I'4 metitur. quare
etiam reliquam I'E metitur H. sed I'E magnitudinem
ZB metitur. itaque etiam H magnitudinem ZB metitur.
uerum etiam totam 4B metitur et reliquam 4Z me-

EAd] (privs) JE P. - 21. xaf] (alt) om. V. 23. 70] (alt.)
zov P. 24, 2oimov doa F.
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éorly ddvvarov. odx doo peilov T ueyedog tov AZ
e AB, T'd peroriosr: v AZ &po vw AB, I'd o
uéyieTov xowov uérgov éariv.

dvo dga peyeddv ovuuéroov dodévrav rév 4B,
T4 o uéporov xowdv pérgov nlomrer omep 0e
dsitou,

Hdprope.

"Ex 81 rovrov pavegdy, Oti, dov uéyedog Ovo pe-
yé8n ueref, xal TO pépiorov adrdv xowdv ufrpov
WETQIGEL.

.

ToiGv pepeddyv cvpuérooy dodévrmr to
péyLoTov adTdy x0wov uérgov evgEiv.

"Eotom ta doddvra toln ueyédy ovpueroe ta A, B, I™
det 07 tov A, B, I ©0 uéyiotov xowdy usrgov ebgeiv.

Elljpda poep 0vo tdv 4, B 1 pépiorov xowdv
uéroov, xal fere 16 A° 10 Oy 4 vo I #jror pevosl 7
o) [uergel]. upergelro modregov. émel ovw 16 A 1O
I perget, pergel 8¢ xol t& A, B, ©0 4 &g te A, B, I’
uergel® 10 4 &po vdv A, B, I' xowwdv pérgov foviv.
nel @avegoy, Ot xel péyiorov: ueitov yag rov A
ueyédovg va A, B o¥ pergel.

* 1. dotfv] om. F.  peifov] supra scr. m. 1P, = peitov F,
sed corr, 2. peyéPn pevgrose Theon BFVDL). 4] (alt)
m. 2 F. 8. éor/ BVDb, comp. F. 5. pwérgo P, sed corr.

stonrar P. Deinde add. 76 4Z V, sed punctis notat. 6.
deikar] mouijoer B et b (mg. yo. Bstgou%z d¢l Oeikoe F (mg. m. 2:
ye. motioes), 9. peref] -y in ras. P 15. Ante d&i ras, 1
litt. P.  16. dvo] om. V. 17, §7] m. rec. P.  18. pereei]
om. P, 19. pereel 34 — 20. peresi] mg. m. 1 P. 20, 4 &e«]
0t 4 P. tov] -» postea add. ¥.  4¢z/ BV, comp. Fb. 21.
rel] (alt.) om. BVb, 22, uéysfog Fb. Post B ras. 1 litt. V.

Post perees add. &l yap dvvardy, peresltw ta A4, B, I' peifow
tot A (ueyéBovs add. V) w6 E- woi énel ta A, B, I' peteei,
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tietur, maior minorem; quod fieri non potest. itaque
magnitudo maior magnitudine 4Z magnitudines 4B,
I'4 non metietur. ergo A4Z magnitudinum 4B, I'4
maxima mensura communis est.

Ergo datis duabus magnitudinibus commensurabi-
libus 4B, I'4 maxima mensura communis inuenta
est; quod erat demonstrandum,

Corollarium.
Hinc manifestum est, si magnitudo duas magnitu-
dines metiatur, eandem maximam earum mensuram
communem metiri.

Iv.

Datis tribus magnitudinibus commensurabilibus ma-
Ximam earum mensuram communem inuenire.

Sint datae tres magnitudines commensurabiles 4,
B, I oportet igitur magnitudinum 4, B, I' maximam
mensuram communem inuenire.

Sumatur enim duarum magnitudinum 4, B maxima
mensura communis [prop. III] et sit 4. 4 igitur
Al . magnitudinem I' aut metitur aut non
metitur. prius metiatur. iam quo-
r \ niam 4 magnitudinem I' metitur,

4 E z etiam 4,B metitur, 4 magnitu-

— +— — dines 4, B, 'metitur. A igitur magni-
tudinum 4, B, I' communis est mensura. et adparet,
eandem maximam esse; nam magnitudo maior magni-
tudine 4 non metitur 4, B.

Bi—1

xai T 4, B pereriose nal 16 tav 4, B péyictov nowdy (notwow
péyiazov V) pérgov 10 A perericer (petgrioer w0 4 V) 0 peitow
20 flatrov (Flaccov V). omee dromdv éorww (¢dvvazov V) V et
mg. m. 2 B.
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My peroeitw On 10 4 w6 I Adyw modtov, Ote
ovppetod éove ta I, d. émel pap ovpucrod ot to
A, B, I', perorjoer 1v avra uépedog, 0 OnAedy xel ta
A4, B uergrjoer’ dore xal ©0 tov A, B uépierov xowdv
uéroov vo A pergiee. uevoel 0% xal vo I dove TO
slonuévov uéyedog peronoe va I, 4° ovpustoe doa
dorl o Ty, A. &ljpdo odv avrév 10 uéyierov xowov
péroov, xal éotm to E. émel ovv v E vo A pevos,
alde to 4 t& A, B ueroet, nol ©0 E dgo ta A, B pe-
Toros. pergei 0% xal vo I 10 E dga va A4, B, I
uevoel” 1o E dga tév A, B, I nowwdv éore pérgov. Aéym
07, oTe nal péyiorov. & yap dvvardy, é6rw i tov E
uetlov uéyedog tdo Z, xal peroslrw e A, B, I. el
énel ©6 Z va A, B, I' pevgei, nal t& 4, B doa pcvoros:
xel ©0 Ty A, B pépiarov xowwdv uérgov perginos. 1o
0% tov A4, B uépiorov xowwdv pérgov éorl 10 4° 6 Z
#on 10 A pevgsi. pergel 0% xal vo I 10 Z dpo
ve. I, 4 pergei’ xal vo vév I'y 4 doa uépiarov xowdv
uéroov uerorjoer to Z. &ori 0t 1o E* ©0 Z dpo 10 E
perenoer, to upsifov o EAaecov: Omeg fotly ddvvarow.
ovx dga usttéy tv vov E peyifovg [uépstog) ra A, B, I"
ueroei® ©0 E doa vév A, B, I' 16 uéypietov xowwov uérgov
dotiv, dov ur) pevor] ©o A o T dav 0k pevoid], avtd To 4.

1. onumearov F. 2. dom] (alt.) domw P. 4. pereei V. 5.
pevonos o A4 F, Post @doze ras. 2 litt. V. 6. peroel V.
1. £6:l¥ glotv P.  o9»] om. BFVb,  z¢] m. rec. P. 8.
xal] om.F. Zotw z6 E] mg.m.2F. 9, pergei — 4, B] om. F.
petenoeL] petosl V. 10. 70 E — 11. petoel] om. Theon
(BFVb). 11. pérgoy devl V. éomv P. 14. peroei] supra
ser.F.  doa] om. BFVDb. 15. B] Béga BFb.  16. péyeror]
m. rec P. 17. pezoei] (prius) corr. ex uwsrgrjoee m, rec. P.
18. za] 6 b. 19. 70 Z. ot 6% 6 E] mg. m. 2 F; z6 Z°
70 0t v I, 4 péyiorov nowow uérgov dotlto EV. 20, peroei V.
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iam ne metiatur 4 magnitudinem I'. prius dico,
I, 4 commensurabiles esse. nam quoniam 4, B, I’
commensurabiles sunt, magnitudo aliqua eas metietur,
quae nimirum etiam 4, B metietur. quare etiam maxi-
mam earum mensuram communem 4 metietur [prop.
IIT coroll]. uerum etiam I' metitur. quare magnitudo
illa I', 4 metietur. itaque I', 4 commensurabiles sunt.
sumatur igitur maxima earum mensura communis
[prop. IIT] et sit E. iam quoniam E magnitudinem A
metitur, et 4 magnitudines 4, B metitur, etiam E
magnitudines 4, B metietur. uverum etiam I' metitur.
E igitur 4,B,metitur. E igitur magnitudinum 4, B,I"
communis est mensura. iam dico, eandem maximam
esse. nam si fieri potest, magnitudo magnitudine E
maior sit Z et metiatur 4, B,I. et quoniam Z magni-
tudines 4, B, I" metitur, etiam 4, B metietur et maxi-
mam earum mensuram communem [prop. III coroll.].
maxima autem magnitudinum 4, B mensura communis
est 4. Z igitur 4 metitur. uerum etiam I' metitur.
Z igitur I', 4 metitur. quare etiam maximam earum
mensuram communem metietur [id.]. ea autem est E.
Z igitur E metietur, maior minorem; quod fieri non
potest. itaque magnitudo magnitudine E maior 4, B,I"
non metitur. E igitur magnitudinum 4, B,I" maxima
est mensura communis, si 4 magnitudinem I" non me-
titur, sin metitur, ipsa 4.

i i ) ,

21. ze A, B, I petpsi péyedog F. péyedog] m. rec. P. zc]

6 B, sed corr. = I'] T, 4 (eras) peyedn V. 22 6] (alt.)
m 2 F 23 4av] é&v P.
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Toudy doo psyeddv cvuuérgmy dodéviay o pé-
yu6T0V xowov uérgov nOgyrar [Gmep é0s deibes).

Hogi6pc.

Ex 07 Tovrov @avegov, ot, dav uépedog tole pe-
péOn uerey, xal TO uéyiorov avrdy xowdv uérgov

‘uETQNoEL.

‘Ouolwg 0% xnal éml mAsidvav to uépiorov xowwdv
uérgov Anpdiesras, xal 10 mégioua mpoywEoEl. Omeg
&0er deitou.

’

g.
Ta cvpusroe upepédn medg &Adnia Adyow
Eyei, Ov a@idudg modg doLdud.
"Eotem evuueroe usyédn ve A, B* Adye, ot ©0 A4
mweog ©0 B Aopov &yai, Ov deiduds meds deLdudy.
’Enel yag ovuperod fovi ta A, B, psreioe v avra
péyedog. uergslrm, xal forw o I. xal 66dmg ©o I'
70 A peroel, Tocavrer povedss éoroday dv ve A, 66dng
0t 76 I' v6 B perpst, rocavrar povadss otwoay év ©6 E.
Ensl odv 6 I' 10 A pevost xave tag &v e 4
povddag, pergst 0t xel 3 povag tov A wove vag fv
attg povddag, (oaxig doa 1) wovag Tov A uetosi doid-
uov xal vo I' uépsdog 16 A E&omv doo g 6 I' medg
70 A, ovtwg 1) povig medg Tov A° dvdmedv Goo, 6g
10 A4 mpog ©o I, otrwg 6 4 mpog Ty povdde. mdiw
énel v6o I' ©v0 B peroel xave tag év vpp E povddag,

2. stonzer P, morfjcer B et F (supra scr. delfar). 4.
peyédne F. 5. pérgov] supra ser. F. 7. 8¢ BVb. 8. lagp-
dnoeron F. dmep 0% deifor] om. Theon (BF VD). 15.
ey P. B peyédn F. 20. 76v] 76 Bb. 21. usrpno‘u b.

Gordudr] om. V. 22, nei] nera F.  23. vov] ©d B. 26
¢ E] corr. ex adrd m. rec. b,
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Ergo datis tribus magnitudinibus commensurabili-
bus maxima mensura communis inuenta est.

. Corollarium.

Hine manifestum est, si magnitudo tres magnitu-
dines metitur, eandem maximam earum mensuram
communem metiri.

Jam similiter etiam in pluribus maxima mensura
communis sumetur, et corollarium quoque progredie-
tur. — quod erat demonstrandum.

V.

Magnitudines commensurabiles inter se rationem
habent, quam numerus ad numerum.

Sint magnitudines commensurabiles 4, B. dico, A
ad B rationem habere, quam habeat numerus ad nu-
merum.,

Nam quoniam 4, B commensurabiles sunt, magni-
tudo aliqua eas metietur. metiatur et sit I et quoties
I' magnitudinem 4 metitur, totidem unitates sint in
4, quoties antem I' magnitudinem B metitur, totidem
unitates sint in E. .

lam quoniam I magnitudinem 4 secundum unitates
numeri 4 metitur, sed etiam unitas numerum 4 se-

4 B r cundum unitates eius metitur,
1 +—— 1 gnitas numerum A4 et I'magni-

—4 tudinem A aequaliter metitur.
—'E itaque I': 4 = 1:4 [VII
def. 20]. e contrario igitur [V, 7 coroll] 4:I'=A:1.
rursus quoniam I’ magnitudinem B secundum uni-

V. Alexander Aphrod. in Anal. pr. fol. 87.
Euclides, edd. Heiberg et Menge. TIIL 2
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uetoel 0% xal 7 poveg tov E xara tog v avtd po-
vadag, lodwnig &po 1 moveg tov E pevoel xal vo I
70 B o Gou dg 70 I’ mgdg 70 B, oUrmg ) povag
nedg tov E. €0elydn 0% nol g 70 A medg v0 I, 0 4
7Qog T povade: 0 loov doa otly dg 10 A meog vo B,
ovrag 6 A dodudg meds Tov E. '

Toa doa oVpucroo uepédn v¢ A, B moog &Ainie
Abyov éysi, Ov aguBuds 6 A medg Goidudv tov E* dmep
&0t Ositou.

g.

Eacv 0¥o0 peyédn modg &Adnie Adyov é&yy,
O0v doiBudg medg dotdudy, avppsroa é6rar ta
peyédn.

Avo yop ueyédn e A, B meog &Ainie Aoyov éyfrm,
ov doidudg 6 A meog doidudy tov E° Adym, 011 6vu-
perod éove ve A, B ueyédm.

Ooar ydg elow v tg A povadeg, &lg tocaite ioa
dinoriede 0 A, xel évi adrov lov éorw To I ooar
0¢ elow év ve E povades, éx rodovrav usyeddv ldov
v I’ ovyxelobo ol Z.

‘Enel ovv, Goo elolv dv 19 A povddeg, todaird
elor xal év 1 A peyédn loa v I, 0 doa pégog éoriv
7 povag tov A, 10 avrd uégos éovl nel o I’ tov A
forwv doo og ©o I' medg ©0 A, olrwg §) movag medg
tov A. peresi 0% 4 povag Tov A doidudv uergsl
doo xel ©0 I' 10 A. nal énel éoviv g v6 I' meog
76 A, oUrag 1 wovag meog Tov A [doidudv], dvamadw
dou og 10 A medg ©0 I', otrwg 6 A dgududg medg

3. 76] (pr.) zév P. 4. obvws ¢ V. 7. meds &linia] mg.
m. 1P 11, &e b. 14, dY0 yag peyédn] mg. m. 1 P.
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tates numeri E metitur, sed etiam unitas numerum E
secundum unitates eius metitur, unitas numerum E
et I magnitudinem B aequaliter metitur. itaque [VII
def. 20] I': B=1: E. demonstrauimus autem, esse
etiam 4: I'=4:1. itaque ex aequo {V,22] 4: B=A: E.

Ergo magnitudines commensurabiles 4, B inter se
rationem habent, quam numerus 4 ad numerum E;
quod erat demonstrandum.

VL .

Si duae magnitudines inter se rationem habent,
quam numerus ad numerum, commensurabiles sunt,

Duae enim magnitudines 4, B inter se rationem
habeant, quam numerus 4 ad numerum E. dico, 4, B
magnitudines commensurabiles esse.

4 B r - nam quot sunt in 4
b—t—t—— —— =1 | unitates, in totidem par-
— tes aequales diuidatur 4,
—iE = et uni earum aequalis
sit I quot autem sunt in E unitates, ex totidem
magnitudinibus magnitudini I"aequalibus componatur Z.

quoniam igitur, quot sunt in 4 unitates, totidem
etiam in 4 magnitudines sunt magnitudini I" aequales,
guae pars est unitas numeri 4, eadem pars est etiam
I’ magnitudinis 4. itaque I': 4 = 1:4 [VII def. 20].
uwerum unitas numerum 4 metitur. quare etiam I'

meos GAlnle ta 4, B V. 15, tévl t () F, 16 9. 21
tosevtar V, v eras. 22, elot] dorww P. fowr V, 1 eras. 23
4 agidpod F. 6] (alt) 6'P, in ras. V.  7od] e corr. V.
26, 4 &(m?yév F. Post povdg ras. 4 litt. V. 26. nol émel
vl V. 16] 6 P.  27. deuBudv] om. P, corr. ex dquiudg F.

2*
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v povade. miiw émsl, doa elaly dv v E povddeg,
rooaird &lor xal dv vd Z loa v I', Eorw ago og
10 I’ mpdg 0 Z, otrwg % woveg medg tov E [agududv].
0eiy®n 0t xal og 16 A medg vo I, ovtwg 6 A medg
v wovada: 8 ieov Hga dotly kg 10 A meds o Z,
ottwg 0 4 mpog tov E. @Al wg 6 4 medg vov E,
oUtag dotl 10 A medg 10 B xal dg doe 10 A meog
10 B, oUrag xal medg 10 Z. 10 A &tge mEOg ExdTEQOV
v B, Z tov avvov Ee Adyov: lcov dpa éotl vo B
v Z. pevgel 0% vo I' vo Z* pevgsi doo nal o B.
dAde uiw xel ©0 A° v0 T &oo ta A, B pergei. ovp-
pergov Goa éotl ©o A vo B.
‘Eay dga 0vo peyédn mods &AAnia, xel ta EEfg.

Hégiope.

‘Ex 0% tovtov @avegdv, omi, éev @6l dvo douduol,
dg of 4, E, xal evdele, g 1) A, Svvardy éoti mouijGou
og 6 4 agduog mweog tov E agududv, otrwg Tiw
e0dsloy modg evBslaw. éov 0% xal vév A, Z uéeq
avdAoyov Anedf, og 1 B, Eovar wg 7 A medg Ty Z,
ovtwg 10 amd vijs A meds 16 amd vijs B, zovréeriv
g 1 TEWTY WEOg THY TE(YYY, 0TTES TO WO TIS WPEGTNS
mog 1O amo Tijg Oevréoag TO Oworov xal dwolwg dvo-
yoapdusvov. AL ag 1 A medg Ty Z, otrtwg otiv
6 4 agiBuog meog tov E doidudv: péypover doa nal
g 6 A deududg mwedg ©ov E aeidudv, ottwg 1o dmd

1. &loiv] elol el V. 2. zocavrar P, et FV, sed corr.
gloww P. " Z peyédn F. o V, ged corr, 3. doidudy
om. P, 4, zé](alt)zov b. 5.76] 06 B. 4] tdv Bb, 6. ail
el V. 6] postea ins. m. 1 F. = 7. dor{] om. V. 8. xal
w6 A F. 9. vyov P, sed corr.  11. psjv] pezgei P. o T'
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magnitudinem 4 metitur. et quoniam est I''4=1: 4,
e contrario [V, 7 coroll.] erit 4:I'= A :1. rursus
quoniam, quot sunt in E unitates, totidem etiam in Z
magnitudines magnitudini I" aequales sunt, erit I': Z
= 1: E[VII def. 20]. demonstrauimus autem, esse etiam
A:I'= 4:1. itaque ex aequo [V, 22] est 4:Z=A:E.
uerum A:E= 4:B. quare etiam 4:B=A4:Z. 4igi-
tur ad utrumque B, Z eandem rationem habet. ergo
B=2Z[V,9]. I' autem Z metitur; quare etiam B me-
titur. uerum etiam 4 metitur. I" igitur 4, B metitur.
itaque 4 et B commensurabiles sunt.:

Ergo si duae magnitudines inter se, et quae se-
quuntur.

Corollarium.

Hine iam manifestum est, si duo numeri sint 4, E
et recta A, fieri posse, ut faciamus, ut 4: E, ita rec-
tam ad aliam rectam. sin rectarum A4, Z media pro-
portionalis sumitur B, erit 4:Z = A*: B% h. e, ut
prima ad tertiam, ita figura in prima descripta ad
figuram in secunda similem et similiter descriptam
[VI, 20 coroll. 2, efr. V def. 9]. sed 4:Z = 4: E.

xal o I' V., 12. dotlv P. B] e corr. V. 18. xal o
s&ng] loyov £yet, Ov douuds meos apwyov, ovpperon fotor Ta
psye'ﬂ'n Gmeo £der deikon V.  16. dg] m. 2 F. sodeiar F.

7 A] e corr, V. 17. 6] zév V, supra scr. m. 2 F. 4]
om. BFb agtﬁy,ov FV.  E] om. BFb; ag uw 4 deurpoy
moog 10v E aqz&pov m, 2 B. va om. V, 5 P; del. m.
rec. B. 18, sv&uav]B av eras. V, svdsia P. evﬂuow] 1-’77”
w&sww V et m. rec. 19. Z] B B, sed corr. 21. ag]
oc ezep? V. meawtn] supraadd. & F, a PBVb. Telrp] £V,
7 Pb et corr,ex y B m. 2 ({ m. rec.); supra add. y F. ngmﬂ]g]
& P. 24, douBudv] corr. ex dguBuds F.  yéyovey &oa] supra
scr. m. rec, F.
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rijs A evdelog meog 0 dmd vig B evdelug Ome #er
dzibor.
g

Te a6vuustoa wsyédn medg &iinie Adyov
ovx Eyet, Ov aguBudg medg doidudw.

"Ecreo covuustee ueyédn e A, B Adyw, (1 10 A
7o0g 10 B Adyov o¥x &y, Ov dgududg meog dotdudv.

E¢ ypop ¥ev ©d A moog ©o B Adyov, Ov doiduos
medg doududy, evuuetoov Fotar T6 A T B. ovx Eonu
0¢- odx dga 10 A medg T B Adyov Eyer, ov deidudg
P05 GQLdudY.

Ta dga acvupcroe ueyédny medg &Adnie Abyov ovx
Eyee, xol Ta EETg.

’

7.

Eav 0vo usyédn modg &Adnia Aoyov uy &yy,
0v Goududg meog dgududy, devuusren Eatar
Ta ueyédn.

4o yog ueyédn ve A, B moog &Adnie Adyov uy
éétm, Ov apududg meds doududy: Adya, i devpucrod
éove va A, B peyédm.

Ei yop Eoron evuustoa, v0 A mgog to B Adpov
EEev, Ov doiduds medg deidudv. ovx Eys 04 dovu-
uerge oo éotl ta A, B peyédm.

‘Ecv dgo 0vo ueyédn moog &AAnda, xol vo EEijs.

1. 4 ev8eles) in ras. m. 1 b.  Gwee £dee deifen] om.
Theon (BFVb). Seq. demonstr. alt.; u. app. 5. Post by
ras. 8 litt. V. 7. 7] ins. m. 1 F 9. Ante forar ras. 1
litt. F.  &ouv BF.  10. yo. 70 4 aqa ngog 76 B loyov ovx Fyee
mg. m. 1 b 12 dvyustoa b. loyov ovx Eye moog allnla
BFb. 13, xal 7o ééijg] om. F (in mg. quaedam erasa), ov

aptﬂy.oc :n:pog ael&yov BVb. 20. Zoriv P, over V. 2L yoo
ovuperedy éore 7o A v B Theon (BF V). 99 #yetb. ovmeg V.
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itaque inuenimus 4: E= 4*: B®. — quod erat demon-
strandum.

VII.

Magnitudines incommensurabiles intew se rationem
non habent, quam numerus ad numerum.

Sint magnitudines incommensurabiles 4, B. dico,
A ad B rationem non habere, quam habeat numerus
ad numerum.
4 Nam si 4 ad B rationem habet, quam

numerus ad numerum, A et B commensurabiles

——  erunt [prop. VI]. uerum non sunt. itaque A4
ad B rationem non habet, quam numerus ad numerum.

Ergo magnitudines incommensurabiles inter se ra-
tionem non habent, et quae sequuntur.

VIIL

Si duae magnitudines inter se rationem non habent,
quam numerus ad numerum, magnitudines incommen-
surabiles erunt.

4 Duae enim magnitudines 4, B inter se
' rationem ne habeant, quam numerus ad nu-

merum. dico, magnitudines 4, B incommen-
surabiles esse.

Nam si commensurabiles sunt, 4 ad B rationem ha-
bet, quam numerus ad numerum [prop. V]. uerum non
habet. itaque magnitudines 4, Bincommensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
quuntur.

¥
f—

B

didudy] corr. ex agidpog m. 1 P. 23, éoziv P. 24,
ddy — peyédn] om. F. medg allnlal bis b. nol Ta egng]
1dyov u7 fxy, ov deiBucs meog deifpov devppsrge forar V
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¥,

Te A0 TOV UnfxEL CUVUUETQOY VD ELBYV Té-
rodywve medg dAinla Adyov Eyei, Ov tiTod-
ywvog GQiffuds meods TeTQEY@VOY dQLBudy xal
Ta trergdywve Te wEOg dAinia Adyov Eyovre,
0v rerodywmvog deLduds meog TETQAYOVOY dQL-
dudv, xal rag whevoag £8cL pijxer cvpuéroovs.
T& 0% amwd 1OV unxeL AGVUUéToY VLBV Te-
rpdyave mweog &Ainia Aoyov ovx Eget, Gvmeg
TETQAY@VOG BQLOUOS TQOG TETQA Y@V OV QLI udy”
xel ta rergdyove ta mweds EAAnie Adyov um
éyovre, O0v TETQdywvog GQIFudg QoG TETQA-
yovoy &ouduov, 0¥t tag misvgag kst urxes
svupérgovg.

"Eerwdav pog of A, B upixer avupergor’ Adyw, Ote
70 and tijg A TeTpdywvov medg TO amd tig B rered-
yovov Abyov &ge, Ov veredywvog doududg medg Te-
TQUYOVOY AQLIUOV.

‘Enel yao ovuuergog dotww f) A v B piuer, 1 A
doa mog Ty B Adyov Eyper, Ov deududg modg doidudy.
éyére, Ov 6 T medg tov A. Zmel obv dorw dg 1 A
modg v B, ottwg 0 I’ medg tov A, diie tot uiv
tijg A meog v B Adyov dumdaclov éotlv 6 rov dmo
g A TeTQaydvov meds 10 dmd thg B rergdymvov:
ta yog Opowe oyfuere v dimdaclove Adye éorl Tov
ouordywy mievodv: tTov 0% vov I’ [deiduov] meds
1ov 4 [deiduov] Adpov dimdaciny é6tiv 6 ToD amd Tov
I’ zevpayavov meog Tov amd rov A vergaymvov: 6vo
pao TeTgeywvey deududy sig uédog dvdlopdy fotw

8. mpdg &lAnie] supra scr. F. fp V, corr. m. 1. 4.
dgedudg] supra scr, m. 2 B. 8. reredywve 7d] supra ser. m.
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IX.

Quadrata rectarum longitudine commensurabilium
inter se rationem habent, quam numerus quadratus
ad numerum quadratum; et quadrata, quae inter se
rationem habent, quam numerus quadratus ad nume-
rum quadratum, etiam latera longitudine commensura-
bilia habebunt. quadrata autem rectarum longitudine
incommensurabilium infer se rationem non habent,
quam numerus quadratus ad numerum quadratum; et
quadrata, quae inter se rationem non habent, quam
numerus quadratus ad numerum quadratum, ne latera
quidem longitudine commensurabilia habebunt.

Nam 4, B longitudine commensurabiles sint. dico,
A%: B® rationem habere, quam habeat numerus qua-
dratus ad numerum quadratum.

y B Quoniam enim A et B longi-
! —i | tudine commensurabiles sunt, 4: B

r rationem habet, quam numerus
ad numerum [prop. V]. sit 4: B
= I:4d, ijam quoniam A :B
=T':4, et A:B* duplex est quam ratio 4:B (nam
figurae similes inter se duplicatam rationem habent

2 B. 8. ovppérgmw b (corr. m. rec.), p; af seq. ras. F. 9.
oy BFb. 10. agu&uov] om. V. 11, p7) Eyovre Adyor V.

12, owmee V. 15, ydp] om. V. 16. m] (pnus) supra scr.
m. 1 P tngaywvo‘v] (alt) m, 2 comp. F. 17. owzsg V. 21
ov] odv v Bb, odw corr. in oo 8y FV. 22, I' detBuds BVDb
et'e corr, F. 4 deududy BFVh, 23. wijs] e corr. V. 8-

nwlooLoy V corr. m. 2. 24. 6] corr. ex zév V.  26. 709]
(alt.) om. P, supra scr. F. aoidpoi]} om. P. 27. uquﬁp,ow]
om. P. 0 to%] 0 F 28. Post I' del. neog -rov 4a P.

zszgaywvcv] tetoayoy seq. ras. 1 litt. F.  zd»] =0 B. 29.
péoov B, corr. m. 2.
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aududg, xal 6 revpdywvog medg TOV Tergaywvov [det-
Suov] dumdaclove Adyov e, fimeg 1 mhevea modg
v whevedv' Eotv doa xal wg TO awd vig A Tevgd-
yovov medg 0 and tis B rergdymvov, olrwg 0 dmd
rov I' tevpayovog [doududg] medg tov émd tov A
[doiduod] Tevpdyamvov [aoidudv].

‘"AAda 0% Eotw o TO amd Tijg A Tergayovev wEdg
70 and tijg B, otrwg 0 amd zov I tevpdymvog meog
Tov awd tob A |reTdyovov]” Aéywm, OtL 6VupcTelg
dotwv 3 A v B wijxe.

‘Emel ydo é6tiv ddg 10 amd vijg A TETdy0vOY MEOS
10 and vig B [rerpdyovor], otrwg 6 awd rod I zé-
Tdywvog mEog TOV amwd 10T A [vevgdywvov], ¢k 6
udv Tov dmo tig A tevgaymvov meog TO amd Tig B
[zerodymvov] Adyog OimAeclwv Zetl vob THg A mEOS
v B Adyov, 6 0% o dwd rov I' [agtduov] réroa-
yovov [doiduod] meog Tov dmd Tov A [agiduod) Te-
toayovov [deidudv] Adyog dimdesiov fotl tov rov I
[aouduod] mpdg tov A [dududv] Adyov, Eetww doa
xel &g 7 A medg v B, otrag 6 I' [detdudg] modg
ov A4 [&gcﬂyo'v] 7’] A &ga ﬂ:g(‘)g v B Aoyov é’xa,
ov aguﬁyog or ngog dgududy tov A° o'vy.ysrgog doa
dotlv 1) A vfj B prjxec.

"Adde 87 doluucroog forwm 1 A vij B wijxer Aéye,
Ore ©0 amwd rijg A Tevpdywvov meog TO anwo tig B [re-
Toayavov] Adyov ovx &ysi, OV TETEEYWVOS dQLIUOSG
7e0g TETQAY@VOY GELUdY.

E! yag & 16 amd tijs A Terodywvov medg To
and g B [rerodymvov] Adyov, ov rergdywvog doid-

1. deududr] om. BFVD. 6. I'] in ras. F, I agu&pov
FVb. ¢ouiucg] om. P. 6. dotduot] om. P. agidudv]
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quam latera correspondentia [VI, 20 coroll.]), et I'?: 4%
duplex est quam ratio I': 4 (nam inter duos numeros
quadratos unus medius est numerus, et numerus qua-
dratus ad numerum quadratum duplicatam rationem
habet quam latus ad latus [VIII, 11]), erit 4%: B2 =I"*: 4%,

Tam uvero sit A4%:B*=1I":4% dico, 4 et B longi-
tudine commensurabiles esse.

nam quoniam est 4%: B =TI"": 4% et 4%: B® duplex
est quam ratio 4: B, I'': #* autem duplex quam I': 4,
erit 4: B=1I": 4. itaque A ad B rationem habet, quam
numerus I" ad numerum 4. ergo A et B longitudine
commensurabiles sunt [prop. VI].

Jam uero A et B longitudine incommensurabiles
sint, dico, 4%: B? rationem non habere, quam habeat
numerus quadratus ad numerum quadratum.

si enim A4%: B® rationem habet, quam numerus
quadratus ad numerum quadratum, 4 et B commen-

om. P. 8. B rergdywvoy BVDb et e corr. F.  zo9] corr. ex
tijs V. 9. zerodyovoy] om. P. 11, 4] in ras. b.” 12. zs-
tedyovoy] om. P.  13. zév] w6 b.  reraywvor] om. P. 14,
to9] m. 2 F. 6] vov B, zov vo F. 15, zergaywyov] om. P,

16. doefpov] om. P.  zergaymvog BV. 17. doidpot] om. P,
douducg BV. ~ doBpod) om. P.  rsreaydwov P.  18. ¢oid-
pov] om, P. oty P.°  vov) om. V.  19. deeBpov] om. P.

doBudy] om. P, 20. doibpog] om. P.  21. deePudv] om. P,

22, 7oy 4] m. 2 B, 25. 4] corr. ex Bm. 1V, TETQO-
yovor] (alt.) om. P. 29. zzrgaywvov] om. P,
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udg medg TeTgdywvov agududv, vuustoog Eeton 7 A
7} B. oUx foti 0¢° o &g v6 amd tijs A TevodyOVOV
moog 10 4= vij B [tevodywvov] Adyov &gel, Ov Tergd-
yovog agududs mEos TETEEYOVOY dQLIUdY.

IIddw 97 76 amd tijg A TeTgdyovoy mEdS TO GIO
vijic B [teredyavov] Adyov w1 éévw, Ov terpdyavog
aoududg meds TeTgdywvov dgududv: Aéyw, Ot devu-
uergog gotww v A tff B wijnse.

E¢l yag éove evuucroos 9 A tfj B, &er 1o ano tijg
A medg ©d dmo vijg B Adyov, Ov tevedywvos doiduds
mWPOg TETQURYWVOV GQUIUCY. oUx Eys 0 ovx doa
ovuuerods éotiv m A tij B uijxet.

Ta dga amd Ttdv pijxes ovuuérenv, xel ta EEig.

Hégiepe.

Kol govegov éx tov dsdapuévov Eotar, Ot of
pijxer GuvpueTeor moavrog xal dvvdust, af 0 dvvaus
0V mdvrwg xal pixee [elmee Ta dmd TV wijxe Gvu-
uéroov eddedy TeTgdywmva Adyov &y, OV TeTEAy@YVOG
GoLduodg medg zeTodymvov doududy, ta 0% Adyov Eyovia,
Ov doiBudg meds douBudv, evpusted dotiv. Gore of
uixer ovppergor evdslor ov udvov [elol] urjxer 6vu-
perool, alde xal dvvduer.

nehv énel, 6o terodyove medg dAAnhe Adyov Eyer,
0V TETQA Y@V AeLdudg TG TETEHEYRVOY deLdudy, wijxet

5 20&lyBn ovuusron el dvvduer Ovre ovupusron TG Ta

rerodyovi Adyov Eew, ‘Ov deiduog medg detdudv,
0o doo tevpdyove Adyov ovx &ysi, Ov Teredywmvog
aguduog medg TeTedyawov dguiudv, Gl émidg, Ov

2. Post B add, prjuee m. 2 V. 8. zeveaywvov] om P. 5.
07] om. b, ¢ BFV. 6. reroaymvoy] om. P. 8. domiv] e
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surabiles erunt. at non sunt. ergo 4%:B* rationem
non habet, quam numerus quadratus ad numerum
quadratum.

iam rursus 4°:B? rationem ne habeat, quam nu-
merus quadratus ad numerum quadratum. dico, 4 et
B longitudine incommensurabiles esse.

nam si 4 et B commensurabiles sunt, 4%: B® ra-
tionem habebit, quam numerus quadratus ad numerum
quadratum. at non habet. ergo A et B longitudine
commensurabiles non sunt.

Ergo quadrata rectarum longitudine commensura-
bilium, et quae sequuntur.

Corollarium.

Ex iis, quae demonstrauimus, manifestum est, rectas
) ] )
longitudine commensurabiles semper etiam potentia

corr, F. 9. st] in ras. P. foton P. 10. 4 tsroaymvov
BFb. B rereiyovov BFb.  12. Post B add. ac'upysroog &oo
dtiv 7 4 7 B FVb, B m. 2. 18. Post ovpuéromy add.
svrﬂsmv 1:51:9wywva mo0s allnla 16yow ¥yei, O teTedymvos aguﬂ-
pog medg Tergaymvoy goududy V.  Post £7g add. Theon: §mep
£3e1 deikor (BFVD).  15. ] forw éx BFV. #oreu] om. b.

17. ov] in ras. F, o'vy,y,srgm ov V. elmeg] corr. ex imee
m. 2 V. 7d] corr. ex toig m. 1 F, 21. Post prines add.
de{ m. 2 B. slol] om. P.  23. doc] av P, corr. mg. m. 1.

[ Tetedyova Aéyov Eye ngog &nle F. 26. 1erguymvoc coud-
pos 70§ tsrga'ymvov aquﬂy.:w BFVhb. Post agumuw add.
olov 6 4 xal & 5 o 70:9 3 meog oy 1 loyov ovn Eyet, ov rstqa-
yovog aquﬂpoc wqog utgayawow aguﬂpow, cvmpswo; 6‘5 of 6 : ed-
Beio, dg’ o ave'yqa(pncuw, acvpy,steo( eloww" Ta yae TeTdymve
aloya slay: mots oty of priReL cvppETQOL mxwmc ) Jwayu.
«f 8¢ Jvvdpe 0v novrog xal ynuu b. 28. ¢l BFV. anlde]
om. Fb, m. 2 B. 6v] 0v Ftseés Tig BFVD,
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doududs medg doidudv, cvppetoe uiv Fotar avie To

rergdyove Ovvdus, ovxére 0% xal pijxe’ @0Te Ta wiv

urxer ovpuerge mwavteg xel dvvduer, ta 0 Ouvdus

oV mwaviwg xal pijxe, & wy xal Adyov Eyoiev, Ov Te-
b Tay®VOg deLdudg weds TeTedywvov dgidudv.

Adyw 81, ome [xal] af pijxer devppergor 0¥ mavrag
xel dvvaus, émxadimeg af Svvaps 6 pusroor Svvavrar
Adpov w1y Egewv, Ov TeTgdywvog GQLBUds TEOG TETEG-
yovoy dguduov, xel 0o roiro Ouvdus ovGwL VM-

10 wergor wijxee sloly dovuueTgor. ®oTe ovy af TH wijxet
aovppeTor mavreg xal dvvdusl, giie Svvevror uijxer
oboar aevpuergor Svvdues slvar xal dovgustoor xel
SUUUETQOL.

af 0% dvvdus dovuuETgoL WOVTOG Kol WijxEl GEVU-

15 pergor” &l yag [elar] uixer evppergor, Fcovrar xel
dvvdpse oUppergol. Vmoxewvrar 0% xal GovuucToo
Oneg dromov. af dga dvvdust acVuuergor movrwg
xecl wajrec].

Ajuue.

20 dédexzon v tolg agidumrixoig, Ot of Guotor émi-

nedor aguduol mwedg arijlovs Adyov Eyovew, ov 7s-

Teoyovog agududg meog TeTedymvoy deududy, xal Ott,

éev O0vo dguduol medg dAddovg Adpov Eweww, ov

TETQUYOVOS dQLiuldg mEos TETEAY@VOY agLiudy, Suotol

slow émimedor. xol 0fdov & Tovrtow, Ot of uy Guotor
émimedor doudpol, rovréeriy of uy avddoyov Eyovreg
rag mAsvedg, wedg dAdiiovs Adyov ovx Eyovew, Ov

TeTQdyVog agLiuls T TETQAYOVOY Gududy. & pag

Ztovery, Ouowor émimedor EGovran” Gmeg oy vmlxeivoL.

[
[°]8

1. cedudy mve V. pév] om. V. #otn] slov BF,
dgrv comp. b; dom V, corr. in pév m. 2, avra] om. V;
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commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine.’)

Lemma.

In arithmeticis demonstratum est, similes numeros
planos eam inter se rationem habere, quam habeat
numerus quadratus ad numerum quadratum [VIII, 26],
et 8i duo numeri inter se rationem habeant, quam
habeat numerus quadratus ad numerum quadratum,
similes numeros planos eos esse.?) unde adparet, nu-
meros planos non similes (h. e. qui latera proportio-
nalia non habent [efr. VII def. 22]) inter se rationem
non habere, quam habeat numerus quadratus ad nume-
rum quadratum. nam si habebunt, similes erunt plani;
quod contra shypothesim est. ergo numeri plani non

1) Quae sequitur p. 28, 17 — 80, 5 demonstratio corollarii
et superflua est et a sermone Euclidis abhorret. praeterea of-
fendit, quod plus demonstratur (1éye d7 lin. 6), quam propo-
sitam erat.

2) Hoc nusquam demonstratur; sed est VIII, 26 conuersa,
qua etiam in IX, 10 p. 358, 19 utitur.

supra zd ras. est. 2. Ante dvwause add. Tovrésny af svdeiny,
dg ov dveygégnoay BFVb.  1d] «f BFVb. 8. cdpusteoe
BFVb. zo] «f BFVb., 4. Supra #yowzv m. 2: 7o rsroc-
yove V., 6. xai] om. P. 7. Post dvvaus: add. dovu-
pergor V.  Emecdimee] émedn yog P.  10. o] om. FV. 11,
dlle xal V. 12. gvppetgor nel dovpperoor P. 14, wixei]
-n- e corr. P.  1b. elor] om, P, eloww B, comp. b. 16, vmo-
xeezae b, Post xol del. dvweper F. 19, ifjppe] om. P. 20,
& é&v F. 08r] supra scr. m. 1 b, 21. 1dyov meds diijlovs
fyovorwy F.  &yovoe P, corr. m. rec.  23. dvo] supra scr. m,
1 F. 25, Supra émimedor scr. of ¢ouBpol m. 1'b,  w1j) supra
ser. m, 1V, 29. vmonswrar P.
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ol doa w1y Ouoior émimedor medg dAAjAovg Adyov ovx
&ovely, Ov TeTpdywvog aeiduds MRS TETPUEYOVOV
agdudy.

v

Tf mooredeiony evdely mwooosvgelv dvo &v-
delag acvppérgovg, Ty uiv wixsr udvov, TRV
0t xal dvvayer.

"Eere 7 meotsdeica evdsia 1 A sl O T A
TEooevesly 0vo &OVslng acvuudroovg, TNV pEv mijxel
povov, v 0% xal duvvapes.

‘Exxslodacay yag 0vo douduol of B, I' mgog di-
Afjdovg Adpov i Exovteg, Ov TeTodywvog deLducs wEog
TETQAYOVOY agududy, Tovréory wy ouoror émimedol, xal
yeyovérm &g 0 B meog tov I, ovreg n‘; and vijg A
TeTdyovoy mEOg T0 amd Tijg A Tergdyovov: duddousy
yaQ* ovuustoov fGoe To dmd g A TH dmd Tijg .
xol émel 0 B moog vov I' Adyov ovx &y, ov tergd-
yevog Goiduds medg teTodyavov deududv, ovd’ doa
76 dmd tije A medg O amd tig A Adyov Eys, Ov Te-
Tedyovog doLdudg meds TETodywvoy deLdudy” dovu-
uergog ga dotlv N A ti] A wine. et tdv
A4, 4 uéeny dvaloyov 9 E° Eorw dga ag 7 A medg
™y 4, otrwg 16 4o Tig A TETEEYOVOY WYOS TO GO
tijg E. " davpucroog 0€ oty 5 A v A winer dovu-
uesrgov oo éotl xal t0 awd tig A terodywvov TG

1. &g pn] in ras. m. 1 P,  odx] ins. m. 1 V. 8, Seq.
demonstr. alt., u. app. 6. ovpuéreovs B, corr, m. 2. 7. xal]
ins. postea F. 8, d¢’] 8- in ras. V.  10. zﬁvl)n‘)g P, corr,
m. rec.; f; V, sed corr. 18. govréouy P. ost émimedor
add. [ F, cui signo in mg. nihil resp.; in b seq, of yae Guoroe
dnimedor modg dllnlove 1oyoy Fyoveiv, O TeTQUymYOg aQELIUOS
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similes inter se rationem non habent, quam numerus
quadratus ad numerum quadratum.

X.

Data recta duas alias inuenire ei incommensura-
biles, alteram longitudine tantum, alteram etiam po-
tentia.

Data recta sit 4. oportet igitur duas alias rectas
inuenire rectae 4 incommensurabiles, alteram longi-
tudine tantum, alteram etiam potentia.

Sumantur enim duo numeri B, I, qui inter se ratio-
nem non habeant, quam numerus quadratus ad nume-
rum quadratum, b. e. plani non similes [u. lemma],
et fiat B:I'= 4%: 4® (hoc enim didicimus [prop. VI
coroll]). itaque A4* et 4 commen-

' 4 surabilia sunt [prop. VI]. et quo-
d4l— . .
niam B:I" rationem non habet, quam
Ei R ' numerus quadratus ad numerum qua-
' r dratum, ne 4%: #* quidem rationem
p———

habet, quam numerus quadratus ad
numerum quadratum. itaque 4 et 4 longitudine in-
commensurabiles sunt [prop. IX]. sumatur rectarum
A, 4 media proportionalis' E. itaque 4:4 = 4*: E?
[V def. 9]. sed 4 et A longitudine incommensurabiles

70g TETQdyovoy aedudy; in V seq. dia Todzo, punctis del.
m. 2. 16. z7ig] tod P.  zijg] o6 P. 4] corr. ex B m.
1V, Bb. 19, 4] corr. ex 4 m. 1 F.  mgdg] supra m. 1 V.

7] corr. ext3 V. 4] Bb. 2L #¢tiv] postea ins. F. 24,
E tevoayovoy V. 2B, doviy P.

Euclides, edd. Heiberg et Menge. III. 3
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and vijs E verpaydve” dovppctgog doa dotiv 1 A T
E dvvdpat.

T &oo mporedeloy ebdele v A moosevgnyrar dvo
evdelar aovpuergor af A, E, wijnes udv povov 1 4,
dvvaues 0% xal prjxse Oniady 5 E [Omeo &0e detbor).

'8

‘Eov téocaga ueyédn dvdioyov g, 7o O
mewmTOY TH OcvréeE OUpueTgov N, xal o Toi-
TOV T@ TETHQTE OV ppuETQoY E6ToL” X8V TO WQHTOY
1 dsvréom dovppstgor 7, xal TO TElTOov TH
TETAQTR d6vpuETeoY EoTaL.

"Edracav té66apa ucyédn dvdioyov e A, B, I, 4,
og 10 A meog ©6 B, olrwg 16 I’ medg 10 A, 10 A 0
¢ B ovpperoov éoteo° Adyw, ot xal 10 I' 1 4 ovu-
uezgov écrat. ‘

‘Enel pog ovppctodv éote v0 A v B, 10 A doa
7odg 10 B Adyov &ga, Ov deidudg meldg agududv. xel
dotiv g O A medg 10 B, ofrwg o I' medg vo A°
xel ©0 I’ &g mpdg ©o A Adyov &ysi, ov agududg mweog
aguiucy’ evuucrgoy Goo dorl vo I' tp 4.

"AAde 0 10 A T B devpusroov éore’ Adym, Gre
xel ©0 I' t6 4 aovupergov &orar. émel pagp aovu-
petoov dote ©o A T B, 10 A &oa medg to B Adyov
otx Eye, Ov agiduds mwedg aeududy. xal fotwv o3

8. mgooveBeloy Ph. meoanveryrar BFb. 4. 9] corr,
ex tj B. Post 4 add. xafl B et F, sed del. 5. Oneg £0=:
deifon] om. PBFb.  Seq. scholium in PBFb, u. app. 6. ¢']
corr, ex ' m. rec. P, ex 1y’ V. 8. mpdtov] o P, et sic sae-
pins.  =d] ins. postea F.  zoitor] 7 P et b (et sic saepius).

15 d6tv BVb. 16. dotv P. 6 4] (alt.) postea ins. F. 17,

Blcorr.ex Am. 1 F.  18. 76 4] corr. ex 6 4 V. 20. I']
in ras. V. 21. §n dovppetedy dore nadl 70 Ivp 4 V. 22
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sunt. itaque etiam 4% et E® incommensurabilia sunt.?)
quare A et E potentia incommensurabiles sunt.?)
Ergo data recta 4 duae aliae inuentae sunt 4, E
ei incommensurabiles, « longitudine tantum, E autem
potentia et longitudine; quod erat demonstrandum.

XL

Si quattuor magnitudines proportionales sunt, et
prima secundaque commensurabiles sunt, etiam tertia
quartaque commensurabiles erunt. et si prima secunda-
que incommensurabiles sunt, etiam tertia quartaque

incommensurabiles sunt.
Quattuor magnitudi-

nes proportionales sint
' 4, B, T, 4, ita ut sit
A:B=1T:4d, et 4, B commensurabiles sint. dico,
etiam I', 4 commensurabiles esse.

Nam quoniam 4, B commensurabiles sunt, 4: B
rationem habet, quam numerus ad numerum [prop. V].
et 4:B=1TI:4. quare etiam I': 4 rationem habet,
quam numerus ad numerum. ergo I, 4 commensura-
biles sunt [prop. VI].

Jam uero A4 et B incommensurabiles sint. dico,
etiam I', 4 incommensurabiles fore. nam quoniam 4, B
incommensurabiles sunt, 4 : B rationem non habet,

At 1 B |

IN— 4

1) Hoc ex prop. X[ concludendum erat (quare Gregorius
propp. X et XI permutauit). omnino tota prop. X cum lem-
mate multis de causis suspecta est, et uix crediderim, eam a
manu Euclidis profectam esse.

2) Quare etiam longitudine (prop. IX coroll.).

fovar] forev BFD. 23, 4] (alt) supra scr. m. 1 V. dec]
gopra scr. m. 1 F. 24, ovx] m. rec. b,
3*
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70 A medg 10 B, otrwg 10 I' medg v0 A° 000t 76 I'
&pa modg TO A Adyov Egsi, Ov deududs medg GLdudy”
aovupusroov oo dotl v6 I' vé .

Eav dgo téocaga ueyédn, xal v &

of.

Te 86 avtd peyéder evpusrtoa xal didfjiloig
éatl ovupseroa.

‘Exdregov pag tév A, B v I' éorm ovdpusrgov.
Aéyw, Ore xal ©o A t@ B doti Gvupergov.

'Emel yap oVppergéy éore 0 A 16 I, 0 A doa
mpog ©o I' Adyov &ge, Ov aududs meodg deLdudv.
éérm, Ov 6 4 medg tov E. mahwv, émel ovpuerodv
dors 76 I' vgp B, ©d I Gige mwedg ©o B Adyov &yeu, Ov
doududs mwedg dedudy. éyétw, Ov 6 Z medg Tov H.
xal Adyov dodévrev omocavoty Tob TE, Ov s O A
moog tov E, xal 6 Z medg tov H slijpdacar dgiduol
étijs &v roig dodelar Adyows of O, K, A° dore sivar
og udv ©ov 4 medg tov E, otrmg tév O meog tov K,
og 0% ©ov Z medg tov H, otrag tov K meog zov A.

"Enel ovv éoriv dig 10 A mods 6 Iy ofrwg 6 A medg
wov E, dAl og 6 4 medg tov E, otrwg 6 @ modg
tov K, forww dgo el dg 10 A medg vo I, otrwg 6 @
weos tov K. mdiw, énmsl éovww dg vo I’ meog ©o B,
ottwg 6 Z mpdg tov H, aAl og 6 Z mpog wov H,
[otrwg] 0 K modg tov A, xel g doa 7o I' meds 0 B,
otrwg & K meog tov A. &ore 0% nal g ©0 A meldg

1. 09dé] om. V. 2. dea] om. V.  idyor] oo Adyow

k4

oox V. 4 zéegaee] ra & F.  Ante xal add. @vdloyoy
BFb; dvdaloyoy § , 70 Ot modvow 16 devtéem cvppeveoy 7 J

Post &&7s add. Omeg £8er deikor V. 5. off ] corr. ex tad’ m.
rec. P, 6. peyédn b.  16. dmdowr? V (comp.).  17. &Eig]
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quam numerus ad numerum [prop. VII]. et 4:B=1I":4.
quare ne I': 4 quidem rationem habet, quam nume-
rus ad numerum. itaque I', 4 incommensurabiles sunt
[prop. VIII].

Ergo si quattuor magnitudines, et quae sequuntur,

XII.

Quae eidem magnitudini commensurabilia sunt,
etiam inter se commensurabilia sunt.

Utraque enim 4, B magnitudini I" sit commen-
surabilis. dico, etiam 4, B commensurabiles esse.

nam quoniam 4, I’ commensurabiles sunt, 4 : I’
rationem habet, quam numerus ad numerum [prop. V].

4 - . B , it 4:T = 4:E.
i ‘ rursus quoniam I, B
| E @ commensurabiles sunt,

Z — K I': B rationem habet,
— o H 4  9quem numerus ad nu-

merum [prop. V]

I':B = Z:H. et datis quotlibet rationibus, 4: E et
Z:H, numeri sumantur deinceps in rationibus datis,
®, K, A [cfr. VIII, 4], ita ut sit 4:E=0:K, Z:H
=K:4.

ljam quoniam est /:I'=4d:E et 4: E=0:K,
erit etiam A:I'== ®:K [V, 11]. rursus quoniam est
I''B=Z:Het Z: H=K: 4, erit etiam I':B=K: 4.

m ras. V; élazwtoz 5517: F, sed corr.  dofsioewP.  18. Tov A]
69 ostea ins. F, 0 4 P.  20. z6] (alt.) corr. ex zov V. 2%
04 vov I P. 28 6 TP, ] vé» P.  B] corr.
ex I’ m. 1b 26. odrmg) om P. %l @g — 26 A} bis F,
sed corr. 25. 6 "' P.  26. éoruv P. 6] o
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70 I, otrwg 6 @ mpog 1ov K+ 80 leov dpa éotly ag
10 A mpog 0 B, oltwg 6 @ medg rov A. Td A dou
mog v0 B Adpov Eyei, Ov agududg 6 @ mpds agidudy
vov A° odupcroov dpa éorl vO A T B.

8 To doo T avrd uepyéder ovpperga xal &riijioig
éorl ovuucrpa’ Omep £0e dsifau.

.
‘Eev 7} 0v0 uepédn cdppsvga, 1o 0t fregov
avtév uepéPe Tivl devppsgov 1, xal 1o Aotmov
10 T6 avrd dovupcroov foral
"Eote dvo ueyédn avuusroe ta A, B, ©o 0% &sgov
avtéy 16 A &l vl td I' dodpuctgov fotn Adym,
Ort xel ©0 Aoy 0 B ve I' dovpucrodv dotuv.
E¢ yag éori ovpucrgov v0 Bt Iy adla xal v6 A
15 6 B avupergov doviv, xal vo A &ga tvé I' ovuperody
dorw. alde xal dovupergov' Omep advvarvov. ovx
dpa ovppetoov ot ©0 B v I dovpustgov doa.
‘Eev dpa 1) 0vo ueyédn ovuuerpe, xal ta &g

Aijppe.
g0 dvo dodacdy evdedy avicwov speiv, tive ueifov
dvarar 3 uelfov tig éldecovog.
"Eerwoay af dodstoar dvo &dvidor sbdeioaw af AB, I,

2. 6 A meog To¥ Bb 4. dorly P. 6. odpuerea] ovp-
supra scr. m. 1 P, onaq £0z1 deifon] comp. P, om. Bb. = Seq.
lemma, u. app. 7. ;y} «f’ corr. in w m. rec. P, y in ras. F;
1, 4 in ras. m. 1 B, ' mg. 8. 4] om. V. yeyé&n] -yé-
supra m. 1 P, acvy.y.ezpa F, sed corr.; cvp.psrqu

11. dvo] mg. ye. avtm m. 1. b, 12, &l gzegm BFV
13. 7o B] om. b. zg I'] eras. b. boruzo Beg I'b. 14,
8/ — I'] supra scr. m. rec. b.  I' 74 B P. ‘15, Zom: B,
comp. Fb, om. V. ol — cw,me ] supra ser. m. 1 F.
-T00¥ — 16. xel] in ras. F. 18, Omee doviv F.  17. &oa] (alt.)
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uerum etiam 4:I'=: K. ex aequo igitur 4:B=0:4
[V, 22]. itaque 4:B rationem habet, quam numerus
© ad numerum 4. itaque 4, B commensurabiles sunt
[prop. VI].

Ergo quae eidem magnitudini commensurabilia
sunt, etiam inter se commensurabilia sunt; quod erat
demonstrandum,

XIIL

Si duae magnitudines commensurabiles sunt, et

alterutra earum magnitudini alicui incommensurabilis
est, etiam reliqna eidem incommensurabilis erit.
R Sint duae magnitudines commen-
T i surabiles 4, B, et A alii magnitu-
Bt+—————————— dini I" incommensurabilis sit. dico,
etiam B, I' incommensurabiles esse.

nam si B, I' commensurabiles sunt et etiam 4, B
commensurabiles, etiam 4, I' commensurabiles erunt
[prop. XII]. at eaedem incommensurabiles sunt; quod
fieri non potest. itaque B, I" commensuarabiles non
sunt. incommensurabiles igitur.

Ergo si duae magnitudines commensurabiles sunt,
et quae sequuntur.

Lemma.
Datis duabus rectis inaequalibus inuenire, quantum
maior quadrata minorem excedat.
Sint datae duae rectae inaequales 4B, I', quarum

postea ins. B,  18. 7] om P. auvpp,sroa F, sed corr. xel
Ta s&ng] 70 d% S’uoov avtéy peyéde nvl dovpueteoy 7, xal
to loimoy T cwtm covuuctoov fovor: omee E0et deifon V. 19,
g’ B, 20. dviowy svdeicy F. 21. lazrrovog F.
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ov pslfov Eotm 7 AB- dst Oy evesiv, vive ueifov
dvarar 7 AB vijg I

Tsyodpdm éml tiig AB fuixvxdiov 16 AAB, xal
&lg avrd dvmoudoda tfj I' lon +f Ad, xal énelevydo

5 7 4B. @avsgov 87, 6t S} éoriv 1) Uwé A4 B yovie,

xel Ove ) AB viig Ad, vovtéone vijg I', petbov 6v-
varar tf] 4B.

‘Opolng 0% xal 8vVo doPeody svdady 7 dvvaudvy
atrag svploxsras otrwms.

10 “Eorwmeav af dodeloar 0vo svdelow af A, AB, xal
dédov Eotm sUpeiv v OSvvaudvyy avrdg. xel6dwoayv
pdo, @ors dedny yoviey meoiéysy Ty vno A4, AB,
nol énmstevydo 7 AB* pavepdv mdiw, Ovi 1) tag Ad,
A4 B dvvapévy doviv 7 AB" Gmep £0s Ocsibau.

15 0.

'Eav técdapsg svdelar avdioyov adiyv, dv-
vyrar 8% 0§ modry tijs dsvripag usifor To dmod
cvpuéreov éavry [uixer), zal 5 volty Tig Te-
tdorns wetlov duvwvicerar vd dnd ovppérgov

90 faveyy [wixee]. xal éav 5 modry vig dsvrigug
uetorv dvvnraL To dwo aovpuéreov favrf [ui-
x&], xal 1 velry vijs vevdorng peifov SvvijoeTar
t@ and aocvpuérgov favry [pwixe].

"Eoraday téooagsg cvdelas avaloyov of A, B, T, A,

o5 @g ) A medg Ty B, obrag ) I' meog tyw A, xal %

1. {stw] corr. ex &oviv m. 2B. 8, ABA P. 4. adre
e corr. F. 7 Ad ion F. 6. peifov] corr. ex pelfoy m.

1 F.  10. of do&sican] om. V. «f] of doBeioon «f V. 11.
\ 7ijv] ins. postea V. éxxelodwoay BFVDh, 18, Ante zdiiw ins.

doru m.1F. Ommdliv b, 8u 9] inras, F, 14, Gxee é0ue
P *+igas] comp. P, om. Theon (BFVb). 15.:d"] & in ras. F, corr. ex
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maior sit 4B. oportet igitur inuenire, quantum A B*
excedat I3,
describatur in 4 B semicir-

/)
r culus A4 B, et in eum aptetur
rectae I" aequalis 44 [1V, 1],
A B L et ducatur 4B. manifestum

igitur, L AA4B rectum esse [III, 31], et AB%=A.1*
+ dB*=T1"4 4B*[], 47].

Similiter etiam datis duabus rectis recta quadrata
iis aequalis hoc modo inuenitur.

sint datae duae rectae 44, 4B, et oporteat rec-
tam quadratam iis aequalem inuenire. porantur enim
ita, ut angulum rectum comprehendant 44 B, et du-
catur 4 B. rursus manifestum est, esse 4B = A4 .4°
+ 4B%[1, 47]; quod erat demonstrandum.

XIV.

Si quattuor rectae proportionales sunt, et prima
quadrata secundam excedit quadrato rectae sibi commen-
surabilis, etiam tertia quadrata quartam excedet qua-
drato rectae sibi commensurabilis. et si prima quadrata
gsecundam excedit quadrato rectae sibi incommensura-
bilis, etiam tertia quadrata quartam excedet quadrato
rectae sibi incommensurabilis.

Sint quattuor rectae proportionales 4, B, I, 4, ita
ut sit 4: B=1T": 4, et sit AA=B 4+ B, M= 447}

vy’ m. rec. P, 15’ B (mg. u!) 16. doe Vb, 17. ©$] e corr. V.
18. prine] om. P. 19, d=d tijg b.  20. pxe] om. P, 21,
dvmjonrae FV, sed corr.  ovppéreov F, et B, corr. m. 2. éavrdi b.
prnes] om. P. e SvwvnonTar £, 28, avlmétqov PF, ot B,
corr. m. 2. favrd b.  pyxer] om. P. 24, Forwoaw 611 A
26. 4] e corr. V,
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A udv tig B usitov dvvdodw ve dnd tig E, 5 02 I’
tiig 4 ueifov dvvaode T and vig Z* Adyw, Ori, elve
ovuuergog oty ) A vij E, ovpuereds ot xal § I
v Z, &lre aovpucreds fotiv 4 A vfj E, dovuusreds
dote xal 6 I' vf) Z.

‘Enmel pag doviv wg ) A mpog vy B, ovrwg § I
meog v 4, ovwv dga xal wg v0 amd tig A medg TO
and tig B, obrwg vo awd tig I' medg v0 amd vijg A.
alde v pdv dmwo vig A loa éotl va émd tov E, B,
T 0% ano vijg I' loa éotl ta amd tév 4, Z. Eonw
doo ¢ ta amd tov E, B meds 1o and vijg B, ovrwg
te and rov A, Z meds 10 amo tijg A* deAdvri oo
éotly wg v0 ano vijs E meog vo and tijg B, otreg To dmod
tijg Z medg v0 amd vijg A° Eovwv dga xel og 7 E
nog Ty B, ovreg % Z medg Ty A° avdmalw dpa
dotlv ag 1 B meds v E, olvwg 7§ A meds tqv Z.
for 0% nal g 7§ A mgos v B, olrwg ) I' mgog
my 4* 0/ leov dpa éotiv dg 9 A meds vy E, otrawg
% I mpog vy Z. elve ovv evpucreds ot 3 A vi E,
ovpuereds éove xal I tfj Z, elte aovpuerpds foviv
% A v E, devpucpds éove xnal y I' v Z.

‘Eav doa, xal ve &fg.

4

i€
Eav 0vo ueyé®n cvupevoa ovvredf, xal 1o
8lov éxaréom adredv cvupetoov Edrai xdv To
Slov évl avrdv cvupstoov 7, xal va €§ deyig
ueyédn odpperoa Eorar.
Zupnslodo pag 0vo ueyédn evpuerga va AB, BI™

1. tfjg Bl corr, ex zjy Bm. 1 b. I 8¢ BFb. 3. éomw]
om. V. 1zjj] corr. ex tijg m. 1 P, domw B. 4, Z] e corr.
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[u. lemma}. dico, siue 4, E commensurabiles sint, etiam
I, Z commensurabiles esse, siue 4, E incommensura-
biles sint, etiam I, Z incommensurabiles esse.
nam quoniam est 4:B=1TI":4, erit etiam A*:B%
=TI%: 4*[V], 22]. verum 4*= E’-l—B’ M=Aa*4-Z8
- itaque E*4 B*: B = 4% | Z%: £#
_ I subtrahendo igitur [V, 17] E2: B8
] = Z?: 4% quare etiam [V], 22] E: B
Z — Z:4. itaque e contrario [V, 7
coroll.] B:E = 4:Z. uerum etiam
1B A A:B=1TI":4. ex aequo igitur [V, 22]
A:E=T":Z. itaque siue 4, E com-
mensurabiles sunt, etiam I', Z commensurabiles sunt,
siue 4, E incommensurabiles sunt, etiam I, Z incom-
mensurabiles sunt [prop. XI].
Ergo si, et quae sequuntur.

o]

B XV.

Si duae magnitudines commensurabiles componun-
tur, etiam totum utrique earum commensurabile erit;
et si totum alterutri earum commensurabile est, etiam
magnitudines ab initio positae commensurabiles erunt.

Componantur enim duae magnitudines commensura-

m 1b. 5 6oy PB. 7. xef] om. V. 9. 16] corr. ex
©0 m, rec. P, 4] in ras. m. 1 P, {oziy P. 10. Zoziv P.

Z,4P. 1. EB| 42B. wF. Bl 4B 12 4,72
EB B. ta F. 4] B in ras. m. 2 B. 18. dnd] (alt.)
ins. m. 2 F. 14, Zorv — 15. d] mg .1 P 14 9]
supra scr. . 2 F. 17, forw P. 19, si% P. 20. éo71] domy P.

Post elte del. o0» b.  domsy] om. V. 21 ovppseTgos b,

éouv B. 22, doa] om. V. ~ Ante xal add. réoowess e9-
Beion avaloyw aow (dor V) FV. 23. «e'] e corr. PF; o' B,
mg. ¢, 28. ovynelodwoay BFb,  BI'] e corr. F.
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Aéyo, Ove xal 8Aov 0 AT éxarépe tév AB, BI o
oUpuETQOY.

‘Enel yoep ovppetoa éove v AB, BI, pergroe T
adve pépefog. pergeitw, xal Eotm ©o . émel ovw
10 4 va AB, BI" usvost, xal GAov ©0 AT ueveros:.
pevoel 0t xal va AB, BI. ©o 4 doava AB, BI', AT
uerQel” avuusroov dpa éotl vd AT éxarépm tdv AB, BT

‘Ardec 0% 10 AT fovw ovpuergor tH AB° iéyw
04, 6vi xal 1@ AB, BI' ovuuered éovw.

Enel yag ovpusvee dove ta AL, AB, perprioer o
avta uéysdos. ustosirw, xal f6tw o 4. émel ovv
t0 4 va I'd, AB pevgel, xal Aoumov &oa to BI' ue-
Tgnos. pevpsl 0 xal o AB' 0 4 dga v AB, BT
pevonos” ovupstpe doa éovl ta AB, BI.

’Eav dgo 0vo ueyédn, xol ve SEig.

s’

Eav 8vo peyédn aodupsrpa cvvrsdi, xal
t0 GAov éxatéom avrdy d6vpusroov é6ral’ xdv
td SAov vl adrdv devupsteov 7, xal va éE
aoyfis ueyédn devpusron Edrac.

Zvyxelodeo pag 0vo ueyédn aovppergata AB, BI'
Aéyw, ovr xal Aov v0 AT éxavépe vidv AB, BI dovy-
peToy dorw.

1, uou% %l 7o V. tév] téde P.  dorer D, svppe-

Tdv éors a dotv P. 6. zd] (prius) corr. ex v F.

7. éotiv P. 4)1" 4B, BI"P AT évl vav AB, BI" Theon

(BFVD). zd] = X (Porr ex 0 V) Theon (BFVD).
oty

9. &7] supra scr. F. 10, ATl TAP, I' e corr. b;
mg. y. AB BI'm.1b. 12, AT FV. 13. vd] w67 V. 14
dotly LPB 16. Post peyé®n add. edpueren ovvzedy, xal 70
Olov fxazéow aviow d'vp,petoov forar V.  Post £&djs add. ousq
#0e. deikon V.  16. 15’ ] corr. ex 8’ m. rec. P, mut. in ¢f’ m.
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biles 4B, BI'. dico, etiam totum AI utrique 4B, BI
commensurabile esse.

nam quoniam 4B, BI' commensurabiles sunt, mag-
nitudo aliqua eas metietur. metiatur et sit 4. iam
y quoniam 4 magnitudines

AB, BI" metitar, etiam to-

fum A metietur. uerum
etiam 4B, BI' metitur. A igitar 4B, BI', A" me-
titur. ergo AT utrique 4B, BI' commensurabilis est
[def. 1].

Iam uero AI', AB commensurabiles sint. dico,
etiam 4B, BI" commensurabiles esse.

nam quoniam AI', 4B commensurabiles sunt,
magnitudo aliqua eas metietur. metiatur et sit 4. iam
quoniam 4 magnitudines I 4, 4B metitur, etiam reli-
quam BI' metietur. uerum etiam 4B metitur. 4 igi-
tur 4B, BI" wmetietur. itaque 4B, BI' commensura-
biles erunt.

Ergo si duae magnitudines, et quae sequuntur.

XVL

Si duae magnitudines incommensurabiles compo-
nuntur, etiam totwn utrique earum incommensurabile
est; et si totum alterutri earum incommensurabile est,
etiam magnitudines ab initio positae incommensura-
biles erunt.

Componantur enim duae magnitudines incommen-
surabiles 4B, BI. dico, etiam totum AI" utrique 4B,
BI' incommensurabile esse.

4 B
——td

2 F; o B, mg.«s’. 19. sdppstooy B, corr. m. 2; item lin. 20.
21, ovyxeloBooey V. BI'] corr. ex I'B F.

r
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E¢ pap paj éorwv dovpucroe 1o I'd, AB, petoroe
1 [avra] pépedog. uerpeiro, & Suvvardy, xal fotw
70 A. émel ovv vo A té I'A, AB uergel, xal lotwdv
Goo ©0 BI" ueverjoe. perpel 0% xal ©0 AB' vo 4
dpo va AB, BI uergel. ovpusroa dou éotl te AB,BI™
vméxavro 0 xal dodpueroa Bmwep otlv ddvvarov.
ovx &oo ta I'A, AB pergijos. ©1 uéysdog’ dovuusron
apa forl va I'd, AB. duolmg O1 deikopsv, ove nel
te AT, I'B acvpucroa éotiv. 10 AT doa éxarépn
tdv AB, BI" aovuuergov éomuv.

"AAde 69 10 AT évl vév AB, BI dovpusrgov éoto.
éotw d7 moovepov v AB° Adyw, Ovv xal ta 4B, BI’
dovuusroe otwv. &l pap Eotan GUUUETQA, WETQNOEL
T. avte ufpsdog. uergslrw, xal forw vd A.  émel
ovv ©0 A4 te AB, BI' pevget, xel 3Aov dpa ©o AT
ueTQros. uetsl 0% xal ©d AB* 10 A doa va I'd, AB
pergel. ovppsron doa fotlve A, AB vméxeivo 0¥ xal
aevpucroa” omep éotly ddvvarov. odx &pa ta AB,BI
uer@ios T péysdog devpustpe doo Zotl va AB, BI.

'Eav doa 0vo peyédn, xal va &g

Ajupe.
'Eav megd twe s0dslav magefindy magadindi-
yoauuov élAslmov &lder veroapwve, o magefiydiv

1. z¢] ©6 P. 2. edtd] om. P. 4 4Bl B4 V. .
dotiv LP.” 6. dmdxswron LBYL.  dddverdw derw V. 8,
fotiv LP. 9. Ante A del. I'm. 1 P.  avpperea B, corr.
m 2. édu V, comp. Fb. I'4A F. 10, éam:ﬂ om. B, 11,
f6rw) om. P. 12, fotw 81) medregov] nal modzov Theon (BFV b).

1:95]] e corr. V. 138. fovae] dete V.  avuperea] supra scr.
¢-m. 1F, 17 Zdotl] dottv P, comp. F, &orer LBVD, omé-
xewvro F, 19. dovtv LP.  Post BI add. dpolwg d7) dery-
FjoeTor, e 70 AT nel doemg 16 BIT cedppsveoy éotew FVg.
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nam si I' 4, 4B incommensurabiles non sunt, mag-
nitudo aliqua eas metietur. metiatur, si fieri potest,
. et sit 4. iam quoniam A magnitudines I'4,
'd AB metitur, etiam reliquam BI" metietur.
= uerum etiam 4B metitur. 4 igitur 4B, BI'
| metitur. itaque 4 B, BI" commensurabiles sunt.
B supposuimus autem, easdem incommensurabiles
esse; quod fieri non potest. itaque nulla magni-
tudo I'4, AB metietur. ergo I'4, 4B incom-
mensurabiles erunt. similiter demonstrabimus,
etiam AI'y, I'B incommensurabiles esse. ergo AI'
utrique 4B, BI' incommensurabilis est.

Jam uero AT alterutri 4B, BI' incommensurabilis
sit. sit prius magnitudini 4 B incommensurabilis. dico,
etiam 4B, BI' incommensurabiles esse. nam si com-
mensurabiles sunt, magnitudo aliqua eas metietur.
metiatur et sit 4. iam quoniam 4 magnitudines 4B,
BI' metitur, etiam totum A4I" metietur. uerum etiam
AB metitur. 4 igitur I'4, 4B metitur. itaque I'4,
A B commensurabiles sunt. supposuimus autem, easdem
incommensurabiles esse; quod fieri non potest. itaque
nulla magnitudo 4B, BI" metietur. itaque 4B, BI
incommensurabiles sunt.

Ergo si duae magnitudines, et quae sequuntur.

-r

Lemma,
Si rectae alicui parallelogrammum adplicatur figura
quadrata deficiens, adplicatum spatium rectangulo par-
tium rectae adplicatione ortarum aequale est.

28. rerqaywwm] corr. ex magalinloyedpum m. rec. b. 6]
0 F. 6 mogafly@év] om. b.
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loov éotl ©p vmd tév éx Tijg nagaﬂoﬂ.ﬁ; yevoucvov
TunudToy T evdelag.

Iege yag evBsiav vy AB magafefliiode nagal-
AnAdyoappov o A éidelmov eldeL vevpaydve th A B-
Aéyw, oTe loov dotl ©0 AA v¢ vmo vy AT, I'B.

Kol oty avtédev gavepdy: émel yap tergdynviv
éote ©0 AB, lon éotly §) AT =] I'B, xal éove 10 AA
©0 Umd tov AT, I'd, vovréor. vo vnd vov AT, I'B.

Eav dgo magd tve eofslav, xal vo &g

o,

'E¢v 6 090 eddslas #vidot, v 0t vevdore
uéoer Tov amd tiig éAdecovog ldov maga TV
uellove magafindf éAdelmov elde tevoaydvo
xal el cOuuston adrny Siaigf piixs, 4 uelloy
vijg éAaddovog petfov Svvijecrat vd amd ovu-
uérgov favef [unxsr). xel dav % pellov Tig
éhaceovog petfov dvvnrar Td Amd cvpuirgov
fave] [unxec], v 0} Tevdoro o and vijg éAde-
covog lgov mape vy puellova nagafindf éAdst-
mov &ldst TevQaydve, &l déyyerga avTyY
drarpel pmxse.

"Eotwoay 0vo eb®slow avidor af A, BI“, v usllov
7 BT, v 0% zerdore péper tov amd tijg éAgadovog
tiig A, tovréere td dmd Tijg nuioeleg viig A, leov
nage Ty BI" nagapefiiodo Adeinov elds terpaydve,

8.70 Ad naqaunloypapyov Theon (BFVb ante 4.4 eras.
T'dF) 4. tsrqaymvm] corr. ex magalinloyeapum m. rec. b.

4B] B4 Fb. 5. dovtv LB,  +) t6 F.  AT] corr. ex
F'dm 1b. TIBlT'ecorr. V. 17 douww LB. I'B] BT

BV. f4otw LPB, 8. I'd] 4P, decorr. V. tovtéori— I'B]
nm 2V, rovtéoriy LPBYV. 9. Post evdsiay add. magu-
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Rectae enim 4 B parallelogram-
| mum adplicetur 4 A figura quadrata
| A B deficiens. dico, esse

4 r s A4=AT'><TB.

et per se patet; nam quoniam 4B quadratum est, erit
AI'=TB. et Ad = Al'><T'd = A’ <X I'B.

Ergo si rectae alicui, et quae sequuntur.

XVIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
longitudine commensurabiles diuidat, maior quadrata
minorem excedet quadrato rectae sibi commensurabilis.
et si maior quadrata minorem excedit quadrato rectae
gibi commensurabilis, et spatium quartae parti qua-
drati minoris aequale maiori adplicatur figura quadrata
deficiens, eam in partes longitudine commensurabiles
diuidet.

Sint duae rectae inaequales 4, BI', quarum maior
sit BT, et quartae parti quadrati minoris A, hoc est
(3 4)%, aequale spatium rectae BI" adplicetur figura

Pindy uaqallnlqua;mov V. Post gijs add. zijg nootaasws
BVb, Fm. 2. 10. iy F m. 2; u&Bmg;{ 11. oow P,
12. élarrovos F. 13. zsrgayawm] in ras. m. 1 b. 14,
nun F. 15 élattwoc ¥ avp,y,étqco F. 16. pyxe] om. P.
v F. 7] q Db, etF, sed corr. 17. dldrrovos F. ~ peitor]
mg. m. 2 F, pstfova b. 18. wines] om, P. Post rerdoro
add. péeee b, F m. 2. = &ldrrowog F.  20. #f5] in ras. V,
corr.ex s m.rec. b.  avrij V, sed corr. 21 dusdsl B, d‘zsln
Vb et corr. in duedsi F. prxn P. 22 peifov b, pu{mv

foro F. 23. #dtrovos F. 24. 'mc] T F. tovtéety P.
6] w0 F, et V, sedcorr, m. 1. zo 4 B; =ij 4 V, sed corr.
Euclides, edd. Heiberg et Menge. IIL 4
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xal Eorwm 10 Vwd rov Bd, AT, evuuevpog 0% éotwm 7
B4 1fj AT wixer Aéym, Ovv % BI' tijg A peitov
dvvarer ve amd ovuusroov Eavry.

Teturjodw yap 1 BI' diya xava o E oquctov; xal
#&lodw 1) AE loy n EZ. Aowmy) dpa 3 AT loy éetl
tij BZ. nal éwel svdsia ) BI térunren &l utv ion
nave ©0 E, elg 0% &vioa xata vo 4, 1o dga vmd B,
AT meueyduevor dpPopyaviov pera tov amo viig EA
revQuydvov loov fotl vé amd tijg EI' rergaywve:
xal 1o TeTQamAdaie” TO &Koo vevedunig vmd vév B, AT
pere Tod tevgamiasiov o0 awd vijg AE loov éotl 16
rergaxig and tijg EI tetpayove. elie v ulv tevoo-
ndaoip tov vwd vev B, AT leov deri t0 amd vijg
A tevpayovor, v 0 revpamiaciop tov and vig AE
loov ot 10 and tig AZ vergdyavov: dimAediov yog
dovw 9 AZ vig JE. 16 0% tevgamiaolp Tov dmod
vijg EI" l6ov éoti 10 and tijg BI vevpdyovov: dimia-
olov pdo éote walw 7 B vig TE. ta dpa amd tov
A, AZ vergdyova loa éorl e ano vig BI tergaywve”
@ere 10 ano viig BI' vod dmo tijg A pcifév éori 16
and g AZ* 7 BI éga vijg A petfov dvvaraw vf; AZ.
daxtéov, ot xal 6vuueredg éotww ) BI' ) AZ. énel
yag 6vuuereds éotww 1 BA tf) AT wixer, 6vppctoog
doa Zotl xal 7 BI vfj I'd wixe. ddde 5 I'd rais
I'4d, BZ éovi ovuustoog uixss: ion pde éovww 5 I'd
vij BZ. xal % BI dga ovpperodg éoti taly BZ, I'4
pixer’ @ove xal Aowwij ©fj ZA ovupereds éoriv 7 BIT

1 AI‘] I in ras. F. 8. Post favrj add. pijxee Vb, F
m. 2. AI”]" corr. ex BI'm. rec. b. ~ foziv P. 7. vmo
zéy BFV, otiv P, 10. vtd]m. 2 V. 6] ¢ B. BJ]
in ras. m. 1 P, 11, zzrounis Theon (BFVbL). zo9] om.
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4 quadrata deficiens, et sit B4 >< 4I"
—_ [u. lemma], et B4, 4TI longitudine

BLZ_I‘B —, commensurabiles sint. dico, BI®
excedere A® quadrato rectae sibi

commensurabilis. -

nam BI'in puncto E in duas partes aequales se-
cetur, et ponatur EZ = AJE, itaque 4I'= BZ. et
quoniam recta BI' in E in partes aequales secta est,
in 4 autem in inaequales, erit [II, 5]

BA>< AT+ EA£ =EI™
et quadrupla eodem modo; quare
4BA4>< A 4+ 4 AE? =4 ET™.
uveruim A% = 4BA > A"y, AZ? = 4 AE? (nam
AZ=2AdE), BI'* =4 EI'* (nam rursus BI'=2 FE)
itaque
A+ 472 =BT

quare BI'® excedit 4* quadrato 4Z° demonstrandum,
BT, 4Z commensurabiles esse. nam quoniam B,
AT longitudine commensurabiles sunt, BI' et I'd
longitudine commensurabiles sunt [prop. XV]. uerum
I'4 rectis I'4, BZ longitudine commensurabilis est;
nam I'd = BZ. quare etiam BI rectis BZ, I' 4 longi-
tudine commensurabilis est [prop. XII]. quare BI etiam

Theon (BFVb). EA FVb, Isa BF. 12. TEF. zeroc-
whaolep o) TeTeduLs Theon (BFVY). 18.vav] om.b. 14. 6¢]
postea. ins. F.  zevoduig, om. zov, Theon (BFVD).  15. zz-

Todyovvoy P, corr. m. 1. Zd4P. TETQOXLG, Om, TOD,
Theon (BF Vb). 18. 'E] EF V. 19. 4, AZ] e corr. V.
rergayeve] [’ supra ser. m. 1 V. 20. Post ‘Goze ras. 2

litt. V. 2L zfj]corr.exrwov F. ZgP. 22.Z4P. 23
éons P, corr. m, 2. 24 ai¥ F. 25.ZBF. 26. zais BZ,
r'd ion ovpueroog Theon (BFVL).  domuw P. 27. winee]
7 in ras. m. 1 P. BI'] in ras, V.

4% Fa
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urxeer 7 BT &oe vijg A peifov dvverar v dmo ovu-
pérgov éavry.

'Alde 0y 1 BT vijg A petfov dvwwdedw 16 amd
guuustgov éauty, t@ 0% reragre TOU amd g A loov
nege Ty BI' nagefefifoda éAicimov elde revgpaydva,
xal #oTw 0 Vmo vév Bd, AT. Odaxvéov, O61e oiu-
perglg éotwv n BA 1ff AT pnxe.

Tév yop alrdy xeracxevaodévrov duolng deltousy,
ove 1 BI tijg A peifov OVverar @ dmd vig ZA.
0Vvarer 08 5 BI vijg A ucifov 76 amd evpudroov
favrf. @vpuergog doo fotlv  BI v Z A wine
@ote xel Aounf] cvveuporépo v BZ, AT evuusreds
doviv 1) BI unuer. ddde ovveugdregogs § BZ, AT
dtfy.y.emég dove v} AT [wijnel]. deve xal 'f) Bz I'4
dvy.yetgog date m)xu xal Suedovr dga § B4 'm 4ar
éore avp,yetgog pajxeL.

Eav dgo 61 0vo e0dsion &vidol, xal o EEdjg.

oy
'Edv @61 0Vo ebdelar &vidor, rm o 1:etagno
puéoeL Tov amd tig éAdedovog laov waga TRV
pellova nagafindy éldeimov lde Terpayave,
xaléelgaovpperoaavryy diacey [prjxe], quellav
tiig élaaeovog weifov dvvijoerar 16 dnd aovu-

2. Post fxvrj add. prjxee V. 4. 7o9] in ras. V. 8.
opolog &1 V. 6‘£l§oysv] dzt- corr. ex dn- F. 9. Post Zo
del m. 2: ovto yag vwéxetor V. 10, ysz{ov tijg A P. 11,
éovriig P. 12. xe/] m. 2 F awaygzorsow -0 e corr. V,

wi] corr.extg@ F. 14. 7 AT ovupeteds 4ozt Theon (BF Vb;
w1 AT postea ins, F). uijned] om. P. Dein add. Theon: ion
yog oty 79 BZ vjj AT (BFVb; 5 corr. m e m, 2 F, z#ig b;
T'4dF). dore] om. Theon (BFVh). BI dea Theon (BF Vb)
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reliquae Z 4 longitudine commensurabilis est. ergo BI™
excedit 4® quadrato rectae sibi commensurabilis.

Iam uero BI™ excedat 4% quadrato rectae sibi com-
mensurabilis, et quartae parti quadrati 4? aequale
rectae BI adplicetur spatium figura quadrata deficiens,
et sit B4 >< 4I" [u. lemma). demonstrandum, B4,
AT longitudine commensurabiles esse.

nam iisdem comparatis similiter demonstrabimus,
esse BI'"* = 4* - ZA4*. BI" autem quadrato rectae sibi
commensurabilis excedit quadratum 4. itaque BI, Z 4
longitudine commensurabiles sunt. quare BI" etiam re-
liquae BZ - 4TI longitudine commensurabilis est [prop.
XV]. uerum BZ 4 AT rectae 4I" commensurabilis est
[prop. VI]. quare etiam B I, I' 4 longitudine commen-
surabiles sunt [prop. XII]. itaque etiam dirimendo
B4, AT longitudine commensurabiles sunt.

Ergo si duae rectae inaequales datae sunt, et quae
sequuntur.

XVIIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, [quod eam in partes
incommensurabiles diuidat, maior quadrata minorem
excedet quadrato rectae sibi incommensurabilis. et si
maior quadrata minorem excedit quadrato rectae sibi

ovppeteog éott vjj I'd Theon (BFVb; 4T V).  15. piues-
xal] om. Theon (BFVh). 17. #al zo &ijg] o 8% zerdere
péees 10D axd tis élacoovog lsov maga v pelfove mepafindy
éldaimov sides Tetpaydve, ol ta &Efig: Smeg £0es dsifar V. 18.
* B, mg. 19, dow B. 20, dldzroves F. 22, wijmes]
om. P, wijxy F. 23. éidrrovog F. 7o F. ovppézeov F.

f
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uérgov éavry. xal dav n ueltov vig éldceovog
petfov dvvnraL v and dovupéroov éavril, 76 0
TETAQTEO TOU and Tijg éAacdovog l6ov maga TRV
pelovea magafindf éAdelmor eldel Tevpaydvo,
elg a6Vpuerga avrnv dcarpel [urxer).

*Eotacay 0vo evdsios dvisos af A, BT, dv uslfov
% BI, v 0% tevagro [uépe] vov amd vijg éAdadovog
tijg A loov maga Ty BI magafsfifjoda ZAleimov
elder TeTgaywve, xal é6tm vd Umd vdv BAT, dovy-
uevgog 0% fovw f) BA tfj AT wixs: Aéyw, otve yy BI
tiis A upelfov Ovvarar ve amd dovuuérgov favti.

Ty yop avrtayv xeveoxevaddévvav vg meoregov
ouolmg dslkousv, ove § BI vijg A ustfov dvvavar ©é
and vijg ZA. daxtéov [ovv], Ot devuuerodg éoviy
1 BI' ©vfj AZ unxe. émel pap dovuuergog doriv 7
B4 zfj AT wixer, acvpusrpog dga éoti xel 7 BI
vij I'd wixee. dAda § AT evpuerpds éote ovvou-
gorépaug taly BZ, AT xal v BI' dpa dovupereds
dove qvvapgorépuug tais BZ, AT. dave nal Aoumij ©f
Z 4 aodpuergds ety y B wine. xel 7 BI vijs A
uetfov dvvarew ¢ amd vijs ZA4* 7 BI &pa tig A
uetov dvvarar vd amd dovuuérgov Savry.

dvvaodw 0y malw 1 BT vig A ueitov ©6 and
acvppéroov favrfj, vo 0 revdere tol dwd Tig A ldov
noge vqy BT nogafefiiedm élisimov &lder Tetgaydve,

L. xal — 2. fovrf] om. b. 1. peifor V, sed corr. éldr-
rovog F. 2. ovppéreov F, et B, corr. m. 2. 8. éldrrovos F.
b. drougiit P.  pijxai] om. P, pijxn F. 7. dotly 4 F.  péeer]
mg. m. 1 P tov] zo F. éldrrovog F 8. wi¢] j F. .
BI'd b; B4, 4 v (4T in ras.), F, P m. rec. 11, ovp-
pétgov B corr. m. rec.  12. z@] m. rec. B; ¢ P, corr. m. 2.
meotégow F. 14, AZ V. o%%] om. P.  Gu xaf P. 15,



ELEMENTORUM LIBER X. 55

incommensurabilis, et spatium quartae parti quadrati
minoris aequale maiori adplicatur figura quadrata de-
ficiens, eam in partes incommensurabiles diuidit.

Sint duae rectae inaequales 4, BI', qua-
rum maior sit BI, quartae autem parti qua-
<z drati minoris 4 aequale spatium rectae BI”
adplicetur figura quadrata deficiens, et sit
BA4>< AT [u. lemma p. 46], et B4, 4T lon-

14 gitudine incommensurabiles sint. dico, BI™
1 excedere 4% quadrato rectae sibi incommen-
surabilis.

iisdem enim, quae in priore propositione, compa-
ratis similiter demonstrabimus, esse BI' = 4* - Z.4%,
demonstrandum, BI', 4Z longitudine incommensura-
biles esse. nam quoniam B4, AT longitudine incom-
mensurabiles sunt, etiam BI, I'4 longitudine incom-
mensurabiles sunt [prop. XVI]. uerum AI' rectae
BZ -+ AT commensurabilis est [prop. VI]. quare etiam
BI' rectae BZ 4 AI' incommensurabilis est [prop.
XIH). itaque BI etiam reliquae Z 4 longitudine in-
commensurabilis est [prop. XVI]; et BI= 4% Z 4°.
ergo BI' excedit 4° quadrato rectae sibi incommen-
surabilis.

Iam rursus BI™ excedat 4 quadrato rectae sibi
incommensurabilis, et spatium aequale !/, 4% rectae BI"
adplicetur figura quadrata deficiens, et sit B4 >< 4T

Z4 B. 16. pjxes] om. Vb, m. 2 B. &ee} om. V. feziv P,

comp. F. #af]m. 2F. 17.I'd]inras. F. ¢’ F. 4]

supra scr. m. 1 V. dovupsrgos F.” 18, xal — 19. 4I'] m.

2B. 20.Zd) "4’ZF. BI'] (prius) I'B V.  21. BT

B in ras. m. 1 B. 22, ovupéreov B, corr. m. 2; item lin. 24.
24. tov] té F.
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xul éotwm 10 Vmd vwv Bd, AI. daxréov, 6vi aevu-
peveog éotwy  BA tff AT pinee.
Tov yag avtodv xeradrevaddiviay ouolng deltousy,
6ve % BI tijg A petlov dvvarar v¢ and vijg ZA. dAie
5% BI-vig A peitov Svvarer ¢ amd agvpuéroov
éavry]. aevpustgog dga dotly ) BI vfj ZA pijxe: Gove
xel Aoy ovvepporéow tfi BZ, AT acvpuscreos oty
% BI. dAde evvaugiérsgos 1 BZ, AT jj AT avyu-
usTods dore mjuel, xal 9§ BT &'ga i AT &déyyergo'g
10 é6Ti pijxer’ @ote xol dueddvre ) B4 1:11 AT aevppe-
100g éoTe (.mxu
'Eav dpa dor 0vo eddeia, xol 7o éEne.

Afjp pe.

Ensl 0édeuxvar, 0t ol wijxe ovpuergor mivreg xul

15 Ovvdper [elol avppergoi], af 0t dvvdust 0V mdvrwg
xel wixse, alde Oy Ovvavrer uifxer xal ovpuergor
slvar xal GeVppETQOL, Qavepdv, O, fav T funsi-
wévy Onri] 6lppereds g 7 wixee, Adyevar vy wol
ovupergog avrf oV wdvov s, dide xol dvvduer,
20 émel af wixer ovppergor mavrog xal dvvdue. dav OF
vij uxeipdvy Gnri] evuuerodg wig 1 Ovvdue, & udv
xal pifree, Apetan xal ovrag fnry xal ouusrgog avri

1 4dr'jm. 2 B. 2. % 4B fouv F. 4. AZ V. ai¥

b, avy;stqov F, corr. m. 2. 6. favwiig P, corr. m. 1,
ao'vp,pstea corr. m, 1. 4dZ V. 8.1 dI'l m. 2 F.
aavpyuqogF sed corr. 9. éuwP naljom. P, aal— 10,
pinee] mg.F.  10. Ante @azs del. 5 BI &ga 1 AT m. 1 P.
12. mo‘w B. Post svdeioe add. dwicor, T@ O} reragro wégee
rod dmd i dldesoves lsov maea tnv yutomx nagaﬁln&g V.
18. iqppe] om. PBb.  14. mel 8¢ V. 16. elol ovppsreor]
om. P. = ov] odpperoor od P. 16. didet — piusi] mg.m. 1P,
017)] oniady BV Db, 87 dnlady, del. 87, F.  xal prixee BF Vb,
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demonstrandum, B4 et 4T longitudine incommensu-
rabiles esse.

iisdem enim comparatis similiter demonstrabimus,
esse BI”? = 4% | Z4%. BI™ autem 4® excedit qua-
drato rectae sibi incommensurabilis. itaque BI', Z 4
longitudine incommensurabiles sunt. quare BI” etiam
reliquae BZ -+ AI" incommensurabilis est [prop. XVI].
uerum B Z - AT rectae 4TI longitudine commensura-
bilis est [prop. VI]. quare etiam BI" rectae A4I" longi-
tudine incommensurabilis est [prop. XIII). itaque etiam
dirimendo B4 et AI longitudine incommensurabiles
sunt [prop. XVI].

Ergo si duae rectae, et quae sequuntur.

Lemma.

Quoniam demonstratum est [prop. IX coroll.], rectas
longitudine commensurabiles semper etiam potentia
commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine, sed posse
longitudine tum commensurabiles esse tum incommen-
surabiles, adparet, si recta aliqua rationali propositae
longitudine commensurabilis sit, eam rationalem eique
commensurabilem uocari non modo longitudine, sed
etiam potentia, quoniam rectae longitudine commen-
surabiles semper etiam potentia commensurabiles sunt;
sin recta rationali propositae potentia commensura-
bilis sit, si etiam longitudine sit commensurabilis,
eam gic quoque rationalem eique longitudine et potentia
commensurabilem uocari; sin rursus recta rationali

19, aten F.  20. #a:l el] «f yde Theon (BFVD),  22.
nal] (alt) m, 2 B.  atey F.



10

156

b8 ZTOIXEIQN /.

uixee xol Ovveper & 0% vf éexeudvy modw gy

GVupETQds Tig 0vGe duvvdus uixel avry 9 devuuergog,

Aédyevoan xel ovtwmg dnry dvvduer wovov ovupergog.
.

To vn0 ¢nTdv unxer CVUUéTQOV %XaTd TIvA
TV WEosLENUiveY TQOT®Y EVdELdY mEQLEYd-
pevov dodoywdviov gnrov é6tiv.

‘Twd pag nrdy wixel GUuuETEOY OFEGY TOY
AB, BI bpBopaviov meguegéadm 16 A" Aépw, Onu
énrév dore vo AI.

‘Avoayeygdedo yag and vig AB vergdynvov 10 Ad-
onrov dgo éovl 1O AA. nal émel avuusteds doTiv 4
AB v} BI' winer, lon 8¢ éovww 7 AB vij BA, avu-
pergog &ga éfovly 1 BA vfj BI uijxer. xel éomv dg
9 B4 mgog vy BI, otvws v6 44 meds 16 AT avp-
pergov dga éoti 16 A4 vg_AI. ¢nrov 6% v6 4A4°
onvov doa dotl nal 1o AT

To dga vmO $yrav unxee Gvuuérov, xal va E5ig.

’

.

'Eav ¢nrov mapa ¢nrny nagafindi, widtog
mousl gnTnv xal 6vpueroov Ty, maQ NV wagd-
xELTOL, WA%EL

2. ovo'a ug FV. , Svvdpei] -& e corr,, seq. spat. 2 litt. F.
adef ] % adr) BE b, 4 V. 8. ofirag] comp. eoorr F. uévoy)

comp. mg. V (eua.n) Seq alt lemma, u. app. 4. o] sic F,
sed infra x’; mg. mmm #nuu — 6. mgo-] in ras.
m. 2 B. 5. eddedy xara Theon (BF 6. Tedmor ? £5-

Oeuw] om. Theon (BFVDb). 8. w&suml Tédv] In ras. V 12.
6 A4 doa §nrov éovv F. 18.4B] (alt) B4B. Bd] 4B in
ras. P, B4 in ras. B. ovppetpog — 14, BI'] om. B; mg.
m. 2: l’an lin. 18 — pyjxee lin. 14, ut nos.  15. ofrm V. 170]
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propositae commensurabilis potentia, eadem longitu-
dine ei incommensurabilis sit, sic quoque eam ratio-
nalem uocari potentia tantum commensurabilem.

XIX.

Rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus secundum aliquem
modorum, quos diximus [u. lemma], rationale est.

Rectis enim rationalibus longitudine commensura-
bilibus 4B, BI' rectangulum comprehendatur AT
dico, AT rationale esse.

nam in 4B construatur quadratum

[ !r Ad. itaque A4 rationale est [def 4].

! ‘ et quoniam 4B, BI" longitudine com-

l —————B mensurabiles sunt et AB=BA4, Bd

et BT longitudine commensurablles sunt. et B4 :BI'=

AA: AT [VI, 1]. itaque 44, AI' commensurabilia

sunt [prop. XI]. uerum 4 A rationale est. itaque etiam
AT rationale est [def. 4].

Ergo rectangulam comprehensum rectis rationalibus
longitudineque commensurabilibus, et quae sequuntur.

XX.
Si spatium rationale rectae rationali 'adplicatur,
latitudinem rationalem facit et ei longitudine] commen-
surabilem, cui adplicatum est.

&lt) corr. ex zjy m. rec. P. AI'] e corr. P.  16. otiv P,
otl xal V. o]t b. AAF. 17, Zeslv P, om. FV. 18,
pnuu svpuérooy om. BVb. Ante xes add. wﬂemv F. xal
Ta igig] om. PV, 19. »'] seq. ras, 1 litt. B, xa’ F. 21,
mouei] -ei e corr. m. 1 F. 7§} corr. ex T m. rec. b.
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‘Pprov yag 10 AL mege neay xevd twe wolw
TGV moostenuévay tedémov Ty AB magafefircde
whdrog mowovy iy BI™ Aéyw, ove dnvy éovwv v BT
xal 6VupeTeog v BA pixe.

‘Avayeyoapdo yag and tig A Brevodymvoy 1o A4
¢nrov dga dotl 10 Ad. ¢nrév 0% xal vdO AT 6vu-
uergov dge darl 10 AA v AL.  xel éovv wg 7o
4 A4 mgog 16 AT, otrwg 1) 4B medg vy BI'. evp-
usrgog doo éotl xal § AB tjj BI'* lon 8% v 4B 1t
B A" ebpucroog doa xal vy AB zjj BI. ¢y 64 éerwv
% AB* ¢nry dga éotl xal §) BI xal evupergog Tif
AB mptu

"Eov éga ém:ov nepa gnryy weeafind], xal ta éEfs.

o S

LR,

To v®md gnriv dvvdust udvov 6vpuérenw év-
Deidv megueydpevoy dpdoydviov dhoydy 6Ly,
xal § dvvapévy adtd &loydg é6Tiv, nalil6dw
0 puéon.

1o yag onrdv duvdue pévoy Gpretgmv evPedy
vév AB, BI' ogrﬂoya)mov nepwzedam 10 A" léyo,
8ve adoydv dove v0 AT, xnal 1) Svvaudvy avrd EAoyde
doriv, nolelodw 0} péon.

‘Ayaysyodpdam yao and vijg AB terpdyavoy 1o AA°
ooy Goo éotl 10 AA. xal émel dovuusteds éoTiw

1. gnriy oy AB V. 2. elonuéveoy Theon (BF VD). =iy

ABlom. V. 3. mdobw P. 4. ABP. B AB] corr. ex
A'm. 2 F. 6.8ty P. Al TAPF, 7. dotly P. . 44]
Aa V. 8. mj»] om. BFb, 9. oty P, 4B] (alt) post
ras. V, B4 F. 10. BA] 4 e corr. m. 1 P. doa — 11)] in
ras. m. 1 P. 12. B4 BVb. 18, &v F. nooe gnTiv)
om. F, neafindy] om. P. Seq. lemma, u. app. 14,
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Rationale enim spatium AI" rectae 4B rationali
rursus secundum aliquem modorum, quos diximus
[u.lemma p.56], adplicetur latitudinem faciens BI". dico,
BT rationalem esse et rectae B.4 longitudine commen-
surabilem.

construatur enim in 4B quadratum 44. 44 igi-
tur rationale est [def. 4]. uerum etiam AI" rationale

) est. itaque 4.4, AI" commensurabilia sunt.
et #4:4"'=A4B:BTI" [V], 1]. itaque 4B,
B 4 BI' commensurabiles sunt [prop. XI]. ue-

rum 4B = B A. itaque etiam 4B, BI" com-
mensurabiles sunt. sed 4B rationalis est.
itaque etiam BI" rationalis est et rectae
AB longitudine commensurabilis [def. 3].

Ergo si spatium rationale rectae rationali adpli-
catur, et quae sequuntur.

r

XXL

Rectangulum rectis rationalibus" potentia tantum
commensurabilibus comprehensum irrationale est, et
recta el aequalis quadrata irrationalis est, uocetur
autem media.

Rectis enim rationalibus et potentia tantum com-
mensurabilibus 4B, BI" rectangulum AI" comprehen-
datur. dico, rectangulum 4 I"irrationale esse, et rectam ei
aequalem quadratam irrationalem; uocetur autem media.

nam in 4B quadratum construatur 44. itaque
A A rationale est [def. 4]. et quoniam 4B, BI" longi-

xe'] o in ras. m. 1 B, »f’ F et sic deinceps.  156. Post ¢nrow
add. dJo B. 16, 6rs PBV, comp. Fb.  17. doru BV, comp.
Fb, &toc P, 22, d6zc PBV, comp. Fb,
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% AB vy BI pinec: Ovvaper pag wovov vmoxsvrar
evuusrgor: ey 0 § AB tjj Bd, dovuusroog Hox
dotl xal § AB ) BI unxer. xeai éotiv &g ) 4B
ngos Ty BI, otrmg v0 A4 meog vo A" dobups-
tpov dga [éotl] 10 A4 16 AL §yrov 0% w6 A4A°
ddoyov dga éeti vo A" deve xal 7 Odvvapsvy T
AT [vovréerww 7 loov avrd tergeyovov dvvaudvy]
dloydg o, xadeia®m Ot péon' Gmeo £der dsibou.

Ajpue.

‘Eav @6t 0vo e0delar, éoriv og ) meaty meog Tyv
devtéoaw, oVrawg TO AmWd TIg TEWTNG WEOS TO VXO TV
8o evBedv.

forweay dvo svdsiaw af ZE, EH. Aéyw, ove éoviv
oc ) ZE mpog vy EH, olrwg 76 and tijg ZE meog
70 vnd tov ZE, EH.

avaysygapdo yag and vig ZE rergdywvov 10 AZ,
xel ovpmeninoiede vo HA. émsl ovv éovwv g 7 ZE
ngog Ty EH, ovtag 10 Zd medg ©0 AH, xal éere
70 pdv Zd 1o and viig ZE, vo 08 4H 6 vmo tov
AE, EH, rovtéer. ©6 vnd tov ZE, EH, &6nwv dpa
og 7 ZE mgog wiyv EH, otrog 10 and vijs ZE medg
76 vmo vev ZE, EH. Ouolwg 0% xel dg 16 vwd tHv

1. BI'Yy ’'BV. ydg] comp. F, supra scr. 8¢. 8. o1y B.
AdB] (alt) B4 P. 4. AT] corr.exAB m. rec. P. 5. éotiw
B,om P. A4 FV. A4F. 6 dorivP. 7. 7] supra scr,
m 2 V. 8. 4¢u. PV, comp. Fb. Ante omso add. P:
S 70 (mg. m. 1) v foov dvaygdgoveay tetedyavor 16 AT
2100lp, v walsl péomy, plony avaloyov slvar vév AB, BI;
eodem loco Theon: dix 70 o dn’ adrig -rszoa'zymaw foov slvon
6 Vw6 1@y AB, BI" nel péony dvdloyor aveny ylyveo®ar (yi-
veo@ar BV) tov AB, B (BF VD). 9. lupe y V (cfr. app.).
10. daww B.  a¢] 62 wg F. ~ 11. medg] supra scr. m. 1 F.
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4

- tudineincommensurabiles sunt (supposuimus
! enim, eas potentia tantum commensurabiles
B—4 esse), et AB=BA, etiam 4B, BI longi-
[ tudine incommensurabiles sunt. et #B:BI’
| =A4:4T [VI, 1]. itaque 44, AT in-
] commensurabilia sunt [prop. XI]. verum 4 4

- rationale est; quare A4 I irrationale est
[def. 4]. itaque etiam recta spatio 4I" aequalis gua-
dratal) irrationalis est [def. 4]; uocetur autem media;
quod erat demonstrandum.

Lemma.

Datis duabus rectis est ut prima ad secundam,
ita quadratum primae ad rectangulum duarum illarum
rectarum.

Datae sint duae rectue ZE, EH, dico, esse

ZE:EH=ZE*:ZE><EH.
Z E H describatur enim in ZE quadratum
1 AZ, et expleatur H4. iam quo-
| niam est ZE:EH =24:4H
4 (VL1 et Zd=ZE% 4H=A4E
> EH = ZE>< EH, erit
ZE:EH=ZE*:ZE>< EH.

1) Uerba zovtéony — vaay.svn lin, 7, quae n1h11 ex-
plicant, subditicia habeo (pro dvyauévy Augustus coni. dveryed-
govea). quae adiiciuntur lin. 8 (u. not. crit.) in P apertissime
scholiastae sunt (xaldei); quare etiam additamentum simile codd.
Theoninorum ipsi Theoni, non Euclidi tribuendum est.

vmo] corr. ex dnd Fh. 14. meos — ZE] mg. m.2B. EH]

HE F. 17 6] corr, ex tiig F. 18, zj»] om. b, éo’m P.
19. 76 9m6 — 20. rovréer:] supra scr. F.  20. rovréouw P.
22, xal wg] ins. m. 2 P,
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HE, EZ ngog 10 ano g EZ, rovréory ag ©o Hd
7pog 0 Z A, ovrwg 7 HE meog vy EZ' Omep édeu
detas.

. zf.

To and puéans mapa dnryv magpafaridpevor
mldrog motel $nrqy xal aevpusToov Ti, waQ
NV TRQARELTAL, WIKEL

"E6tw uéon ptv 5 A, fqry 0t 9 I'B, xal t¢ amod
tiig A l6ov maps v BI' magafeflriodw ywolov d9do-
yaviov ©0 B A mhavog moovy vy I'd* Adya, 8ve gur)
éorww 1) I'd xal dovppergog v5j I'B ujxse.

‘Emel pag péon dotiv 1 A, dvvarar ywolov mege-
sybuevov Tmd Gnrév Ovvdus povov  Guuufrowv. -
dvvdedw 10 HZ. Odvvarar 0% xal 10 B4 loov dou
dovl ©0 B4 v HZ. Z¥ovi 0% avrg xal (goydviov:
tov 0t lowv vs xal (coyaviev magadiniopgoupov
cvunendvdaow af mAsvgal af mel tag loag yovieg
avddoyov dga fotly g % BI' mpog tyv EH, ovrmg
7 EZ mgog v I'd. devww &g xal &g to dnod g
BT mgog 70 dmo tiig EH, otrag 10 dnd t5g EZ meog
70 amo viig I'd. evpustgov 8¢ éov v6 amd tiig I'B
76 ano viig EH" §qey yap Zomwv éxavépn avrdv' avu-
uergov &oo otl xel vo and vig EZ v ano vig I'4d.
gnrov 08 dome vo amo vijg EZ: qrov doa dorl xal

570 ano g I'd: ¢nvy aga devlv v I'd. xal émel

aobpusteds éorww 4 EZ vfj EH wixe* Odvvdpes yag
udrov &lol evuusrgorr wg 0t 4§ EZ moog v EH,

2. Zd] corr. ex 4Z V, 4Z BFb. HE] inras. V. Gmee
£ds1 deifoe] comp. P, om. "Theon (BFVDU). 6. ovuusrgov P.
corr. m. 2. zj] corr. ex 7v m.rec. b. 8. xal — 9. yowelov]
in ras, F. 9. d¢@oydviov] m. rec. V. 13. péver] in ras. F.
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similiter etiam HE<X EZ:EZ*=HA4:ZA=HE:EZ;
quod erat demonstrandum.

XXIIL .

Quadratum mediae rationali adplicatum latitudinem
facit rationalem et ei, cui adplicatum est, longitudine
incommensurabilem.

Sit media 4, rationalis autem I'B, et quadrato .4*
aequale rectae BI" adplicetur spatium rectangulum B4
latitudinem faciens I'4. dico, I rationalem esse et
rectae I'B longitudine incommensurabilem.

nam quoniam media est 4, quadrata aequalis est
spatio rectis potentia tantum commensurabilibus com-
prehenso [prop. XXI]. sit quadrata aequalis HZ.
uerum quadrata etiam spatio B4 aequalis est. itaque
BA4=HZ. uerum idem ei aequiangulum est. parallelo-
grammorum autem aequalium et aequiangulorum latera
aequales angulos comprehendentia in contraria propor-

S tione sunt [VI, 14]. itaque BI': EH

i H =EZ:I'4. quare etiam BI"*: EH*®
= EZ?:I'4? [VI, 20]. ueram I'B®
et EH® commensurabilia sunt; nam
utraque rationalis est. quare etiam
EZ? et I'4®* commensurabilia sunt
[prop. XI). uerum EZ? rationale est; quare etiam I"*
rationale est [def. 4]. itaque I’ rationalis est. et
quoniam EZ, E H longitudine incommensurabiles sunt
(nam potentia tantum commensurabiles sunt), et est

A

r a4a g 12

14. ddvatar] dvvecdar b. JB P. 15. dotiv P. 4B P,
fouiv PB, adré FV, 18. 7] corr. ex 8¢ m. 1 P, om.

FV. 21, I'B]ecorr. V, B F. 23. d¢tév P. 24. domuv P.
dotly P. 2b. doriv] postea ins. F. 26. HE F.

Euclides, edd. Heiberg et Menge. IIL 5
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obtwg t0 amd tig- EZ mpdg 0 vmd vév ZE, EH,
aavpusrgov &oo [éovl] vd amd tig EZ © vmo thv
ZE, EH. dike ve pdv amd tig EZ evpusreov éove
70 and viig I' A" ¢nvel pdo elow dvvdue tH 0% vxo
rév ZE, EH evuustoév dov ©o vmd reov 4T, I'B:
loa ydg éove tg amd vijs A aevuusvoov doo fotl xal
20 and vijs I'd ¢ vmd tdv AT, I'B. &g 6% ©0 dnd
viig I'd mpdg v0 vmd tav AT, I'B, otrag dariv 4
AT mgdg v I'B* dovupstgog doe datly 5 AT ©ff
I'B wijxs. dnqryy doa éoviv ) I'A xel dovuuergog o
I'B uijuer: Oneg &0er deiko.

xy.

“H tjj uéay avppcroos péen éotiv.

"Eore upéon n A, xal vij 4 6Vuuergog éorm n B-
Aéyw, Ove xal § B uéon dotiv.

‘ExxeloBo yoeo dyvy m I'd, xel ©éd ulv dnd vijg
A l6ov maga vy I'd magafefiiodo ywelov dgdo-
yoviov 16 TI'E mldrog mowodv v EA* $yra dpe
dorlv ) EA xal dovpuergos tfj I'd wixa. = 0%
and vije B loov mage vy I'd magafefiicden yoolov
dpBoyoviov v0 I'Z mlAdrog mowotv iy AZ. émel
oy 6Yuueteds fomv 1) A vy B, elpperodv fort wald
©0 amd tijg A ve amd vijg B. dAda e plv dwod
tiis A lgov éovl 0 EI, vg 0% amd vijg B leov éovl
t0 I'Z* ovpucrgov &Gga éovl vo EI v I'Z. xal

2. éovv doa FV. Zoz(] om. P. 8. z¢] corr. ex 76 V.,
dovi) om. V. 4, eloww P.  dvvepst] eras. V, dein add. g
doa O0édsintar. 5. ovppéreoy P, corr. m. 1. é07e] om.
BFb. 6. ela: BVb. gvppsteov F, sed corr. dorty P. 1.
T'B megiegopévo V. 8. I'd]l AT'F. 9. I'B] T'db. &stly]
om. b, 11. Gmeq #ec deifer] om. BFb, comp. P. 12, xy’]
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EZ:EH=EZ®*:ZE><EH[u.lemma), EZ*et ZE<EH
incommensurabilia erunt [prop. XI]. uverum EZZ2 et I' 4*
commensurabilia sunt (nam potentia rationales sunt);
et ZE><XEH, AT >< I'B commensurabilia sunt (nam
quadrato 4® aequalia sunt). itaque etiam I'4® et
AI'>< I'B incommensurabilia sunt [prop. XIII]. uerum
I'A: AT ><I'B=AdI':I'B [u. lemma)]. itaque 4T,
I'B longitudine incommensurabiles sunt [prop. XI].
ergo I'd rationalis est et rectae I'B longitudine in-
commensurabilis; quod erat demonstrandum,

XXTIL

Recta mediae commensurabilis media est.

Sit media 4, et rectae 4 commensurabilis sit B.
dico, etiam B mediam esse.

ponatur enim rationalis I'd, et quadrato 4 ae-
quale rectae I' 4 adplicetur spatium rectangulum I'E
latitudinem faciens E4. itaque EA

—4 2 rationalis est et rectae I"4 longitudine
_ I incommensurabilis [prop. XXII]. qua-
drato autem B? aequale rectae I'd

adplicetur spatium rectangulum I'Z

7 latitudinem faciens 4Z. iam quoniam

A et B commensurabiles sunt, etiam
A*® et B® commensurabilia sunt. verum 4 = ET, B®=
I'Z, itaque ET, I'Z commensurabilia sunt. et EI":I"Z
=EA4:4Z[V],1)]. itaque E 4, 4Z longitudine commen-

om. P.  14. fo1e0] (alt) om. BFb. 16. z5) ¢ F.  20. 4T
BVb. 2. I'Z}corr. ex EZF. Z4P.” il P, corr. m.
rec. 22. dozt] postea ins. F, dorw P. 28, A] corr. ex 4BV,
4 éone F. 24, Zouf] (alt) om. Vb,  25. I'Z] (prius) Z in
ras. m. 1 P.

6*
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dovwv og 1o ETI mos vo I'Z, ovrwg 1 EA mgos iy
AZ- abpuctgog doo éotiv v EA tff AZ wijxe. ey
0¢ doviv 1) EA nal aevuustgos tfj AT pijxst: ey
&g éotl nal ) AZ xal acvupergog v AI' wajxer’ of
T'd, AZ dga ¢nral elor Ovvaper povov GUUUETQOL.
7 0% 10 Vmd fnrdv Ovvaps udvov cvuuérgev dvve-

uévy uéon dovlv. m dgo ©o Vmd toyv I'd, AZ dvve-

10

20

uévy uéen deriv: xal dvwvarw v0 vmo tav I'd, AZ
7 B péon éga éovlv 7 B.

IIdgiopa.

’Ex 07 vovtov Quavegov, Oti 1O TGO UEGD Lwele
ovppergov uéosov dovly [Ovvavrtar pap avte evdeiou,
af &lor Svvduer ovpuetgor, dv 1 érdoa péon” dorve xal
3 Aoumy) uéon deviv].

‘Qoavrag 0% voig énl oY dnrov slonuévorg wel
énl vév uéowv axodovdel, Ty i ufoy wixer evu-
peToov AéysoBoun péonv xal ebupctoov adrf un uévov
uixer, adde xol dvvduct, éxedijmese xadddov al pixs
ovpuerQoL mevrwg xel Ovwaust. fav 0% tfj péey ovu-
petgdg Tig 1 Ovvdpel, & udv xel wine, Adyovrow xal
ovrwg pédor xal GVupergor wixsr xal Svvduer, &l OF
dvvdues pdvov, Adyovrar pdoar duvvdust udévov cvu-
uergoL.

4. dotiy PB. 6. sloww PB. 6. 7) 8% u? ©0 8¢ BFVb.
Post ovppéteoy add. evdedy wequegduevoy dofoydviov dlo-
yov dore vl b, F mg. m. 1, V m. 2; deinde seq. adro dloydv
dot1, nodelodo 8¢ b, F mg. m. 15 7 Svvapévy avro &loyds domey,
nedeiror 0% péon V m. 2. 7 Svvapévy BFb, et V (del
punctis). 7. péon] supra scr. F.  uéan daviv] punctis del. V.
%] m. 2 B.  Svvepévy] Svwdust 1 b. 8. dovl Vb, comp. F.
9. % B] (prius) HB Bb. 12. éov/ BV, comp. F.  adrd]
-te in ras. V, adrp F, avt of B, «f add. m. 2 V. 18, elowy
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surabiles sunt [prop. XI]. uerum E 4 rationalis est et
rectae 4" longitudine incommensurabilis. itaque etiam
AZ rationalis est [def. 3] et rectae 4I" longitudine
incommensurabilis [prop. XIII). itaque I'4, 4Z ratio-
nales sunt potentia tantum commensurabiles. recta
autem quadrata aequalis spatio reetis potentia tantum
commensurabilibus comprehenso media est [prop. XXI].
itaque recta quadrata spatio I'd>< 4Z aequalis media
est. et BP=IAd>}XdZ. ergo B media est.

Corollarium.

Hine manifestum est, spatium spatio medio aequale
medium esse.”)"
Lemma.

Congruenter iis, quae de rationalibus diximus [prop.
XVIII coroll.], etiam in mediis sequitur, rectam mediae
longitudine commensurabilem mediam uocari ei non
modo longitudine, sed etiam potentia commensurabilem,
quoniam omnino rectae longitudine commensurabiles
semper etiam potentia commensurabiles sunt. sin
recta mediae potentia commensurabilis est, si eadem
longitudine est commensurabilis, sic quoque mediae et
longitudine potentiaque commensurabiles uocantur, sin
potentia tantum, mediae potentia tantum commensu-
rabiles uocantur.

1) Sequentia lin. 12—14 obscura sunt et sine dubio sub-
ditiua,.

PB. 20. &l pév — 21. 8t dvwdue] om. Fb; post svuperoor
lin. 22 ea hab. V (punctis del., add. 76 0% f&ijg ovy edoédn &v
16 fifrlp tov dpeslov xal émaridn?) et B mg. m. 2 (add. in
fine wovow). 22, pdvov] (prius) del. m. 2 B. avppeToL)
m. 2 B. Seq. lemma, u. app.
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%0’

To vmo péoov uprfxel 6vpuéremyv sv8sidv
xard TIvE TOV ElQNUEVOV TQOROV WEQLEYS-
wevov dpdoy@viov uéeoy dotiv.

5 ‘Tmd pap uédov uixs Svppérgov dsdv THV
AB, BI' megiegéodam dgdoywviov 10 AT Adyw, Ote 76
AT uéoov éoriv.

‘Avaysyodpde yeg amd s AB zerpaywvov To
A4 uéeov dga dotl v0O A, xal émel epperols

10 doriv 'y AB vfj BI uijxsi, lony 0% 7 AB 15} B4,
ovuucrgog &po dotl xal ) AB v BI wijxee @ots xal
0 dA ©p AT ovpuergov édotw. péoov 0t vo AA4°
uéeov doa xal vo0 AT 3mep £0s dsikou.

xE.

15 To vmd péswv dvvduer pévov ovpuéroav
sV Dedv negLeyducvoy dpBoydvioy fiTtor §nTov
% wéoov daviv.

‘Twd pag uéowy dvvdus povov ovuuéreov &v-
dady tov AB, BI' dpdoydviov megieyéeda vo AT™

20 Aéyw, 01e v0 AT fjvos yrov 1) uéoov éoviv.

‘dvayeypapfo pyig amo tov AB, BI' vergdyove
t@ Ad, BE: uéeov doa dorly éxdvegov tov A4, BE.
xel funsloBo ¢nry n ZH, xal to piv Ad loov mage
v ZH nmegafsfirjoda dodoywoviov mapadiniiygoyu-

26 pov to HO midrog motovw tiy ZO, 1 8t AT loov
nmepe Ty @M magafsflicdo doboydviov magadiy-

8. uatd — tgdmwy] om. BFb, supra ser. m. 2 V (xozd zive
téy eras.). 6. mequéyeodar B, corr. m. 2. 9. 44] (prius)
inter 4 ot 4 ras. 1 litt. V. 11. doviv PB. 4 BJ e corr.
m.2V,BdF. 12 ors V, comp. Fb. 4A4] e corr. m.
2 V. 16 g¢ddedv] m. 2V, 19, wequsyéofo deiroydvior P,
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XXIV.

Rectangulum rectis mediis comprehensum secundum
aliquem modorum, quos diximus [u. lemma], ecommen-
surabilibus medium est.

Mediis enim 4B, BI” longitudine commensurabili-
bus comprehendatur rectangulum AI. dico, 4" me-
dium esse.

nam in 4B quadratum describatur 44. itaque
Ad medium est. et quoniam 4B, BI' longitudine

r commensurabiles sunt, et 4B=B 4, etiam
4B, BI longitudine commensurabiles sunt.
quare etiam 4.4, 4I" commensurabilia sunt
4 B [VI, 1; prop. XI]. uerum 4.4 medium est.

ergo etiam AI' medium est [prop. XXIII
4 coroll]; quod erat_ demonstrandum.

XXV.

Rectangulum rectis mediis potentia tantum commen-
surabilibus comprehensum aut rationale aut medium est.
Rectis enim mediis 4B, BI potentia tantum com-
mensurabilibus comprehendatur rectangulum 4TI, dico,
AT aut rationale aut medium esse.
4 z H nam in 4B, BI' quadrata
describantur 44, BE. itaque
utrumque 44, BE medium est.
4 B r e m et ponatur rationalis Z H, et qua-
K N| drato 4.4 aequalerectae Z H ad-

= E |4 plicetur parallelogrammum rect-
negiéyecPar B, corr. m. 2. 20, Zotr 1) wicov V. 23.
ZE F, corr. m. 2.  z@] corr. ex w6 V.  26. iv] corr. ex

v m 2. F
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Adpgappov t6 MK midtog mowotv iy @K, xel éme
t$® BE loov opolwg mega ty KN megafefiiode
10 NA midrog mowovy v KA én’ eb¥siag oo
elolv of 2O, OK, KA. émel ody péoov dotlv éxd-
regov tdv Ad, BE, xal ety loov 0 piv A4 Tt
HO, ©v6 0t BE v NA, péoov dga xal éxdregov tov
H®, NA4. xal mage fquqy vy ZH mapdxsivar” §nry
dgo otlv énavéoe vav ZO, KA xal dovupsrgos i
ZH wixer. xol émel ovppetgov éore ©o0 A4 1¢ BE,
ovupergoy doa dovi xei vo HO vp NA xel oty
g 10 HO mgdg ©0 N A, otrwg % ZO mpog vy KA-
avppcrgog o éorlv 1 2O vi] KA pine. of 20, KA
doa ¢nral elo. umuse evppstgor: gnrov doe fotl TO
Um6 oy 2O, KA. nel émel lon ovly §) pdv 4B 1f
BA, n 6t EB tfj BI', fotwv dga &g 1) 4B meos tov
BI', ottwg 77 AB medg tyv BE. did og uiv n 4B
ngog Ty BI', odrwg t0 A4 meog 16 A" g 0t 3
AB mgog v B, otrwg v AT modg 16 I'E forw
doa g 10 A4 mpdg 16 AT, olrag t0 AT medg To
I'E. loov 0¢ éove vo pdv A4 ¢ HO, 1o 6t A
19 MK, ©6 0 I'f ¢ NA" fovw dga g ©0 HO
mpog 10 MK, ottwg 10 MK meds ©0 NA deuwv doa
xel og 7 2O medg v OK, otrws 1) @K moodg v
KA 16 &ga Ombd vov ZO, KA loov dotl to and tig
OK. ¢nrov 0% 1o vmd tov 2O, KA fnrov Gow dotl
xal 10 and vijg OK' ¢nry &oa doviv § OK. xel &l
udv ovpuerpog éote i) ZH pijxer, gnrov ot vo ON-

2, loov — KN] mg. m. 1 F, in textu dilo mege Tnv
KN. 4. «f] corr. ex to/ F m. 1, supra m. 2 P. 6. N 4]
Necor V. deax dori V. 1. NA! MA b et F (M in ras.).

Ante §neyj ras. 51itt. V. 8. Zoziv] Zorlxal V. 9. xal émel]
émel odv Theon (BF VD). 10.4eziv P. 6)m.2F. OHF.
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angulum H® latitudinem faciens Z®, rectangulo autem
AT aequale rectae ® M adplicetur parallelogrammum
rectangulum MK latitudinem faciens @ K, et praeterea
quadrato B E aequale similiter rectae KN adplicetur N4
latitudinem faciens K 4. itaque Z®, @K, K 4 in eadem
recta sunt. iam quoniam utrumque 4 4, B E medium est,
et A4 = HO, BE = N, etiam utrumque H®, N A
medium est. et rationali Z H adplicata sunt. itaque utra-
que Z®, K A rationalis est et rectae ZH longitudine
incommensurabilis [prop. XXII]. et quoniam 44, BE
commensurabilia sunt, etiam H®, N4 commensura-
bilia sunt. et HO: NA=Z6:K 4 [V], 1]. itaque ZO,
K A longitudine commensurabiles sunt [prop. XI]. ita-
que ZO, K A rationales sunt longitudine commensura-
biles. itaque Z® >< K A rationale est [prop. XIX]. et
quoniam /B=B A4, EB=BI, erit 4B:BI'==4B:BE.
uerum JB:BI'= A4A4: 4T [V], 1], et AB:BE =
Al:T'E [V], 1]. quare 4A4: 4A'=AI': 5. uerum
Ad=HO, A'=MK, I'5S=NAd. ergo HO: MK=
MK:NA. quare etiam Z@:0K=60K:K 4 [V, 1].
itaque ZO@>< KA =0K?® [V], 17]. uerum ZO>< KA
rationale est. quare etiam ®K? rationale est. itaque
@K rationalis est. et si rectae ZH longitudine com-
mensurabilis est, ®N rationale est [prop. XIX]; sin

xef] om. FV.  Post domww add. doe »e/ V. 11. OH F,

wov P,sedcorr. AN e corr.m. 2 V. ejy] om. Bb. 13
dozly P. 14, 4BJ e corr. Vb.  15. FB] corr. ex ZB V,

4B] B4 F. 16. BE] corr. ex BZ P. 17. zj»] corr. in
w6 F, 76 b. 18. EB B.  forww — 20. I'E] mg. m. 2 B.

19. 44] in ras. V. AT'] (alt.) T4 F. 20. I'g] in
ras. V. doniv P. 24. égzty P. 25. éotiv PB. 27.
ot P.  Post v add. ® M rovréore tf V, B. m. 2 (del. m.
rec.). ©N]e corr. m. 2 V.



10

15

20

4 ZTOIXEIQN /.

sl 0t aovupetog éove v ZH pijxe, of KO, OM $qral
elor Svvausr udvov evuustgor’ péoov dpo 16 ON. 1o
@ON doa fitor $qrdv 1) uéeov ferly. leov 0t 16 ON
16 AI" o AT doo fror dnrov 7 péeov éeviv.

To &ga vmo péowv Svvipe udvov ovuuéromv, xel
ve EEfs. l

%xg .

Mégov péoov ovy Vme@éyer $nro.

E!{ yag Odvvarov, pésov v6 AB péoov vov AT
Unsoeyérw Onrd v AB, xal dxslodw ¢nry  EZ,
%l v® AB loov mapr v EZ magafefiiodo mup-
adindoyoapuov SeBoyoviov O ZO mAdrog moioby
v EO, 10 0t AT leov apperiode 10 ZH* Aomdv
dga 10 Bd Aomg 1 KO éorwv loov. ¢nrvov 0€ éore
70 AB* §qrov dge éorl xel to K@. émsl ovv péoov
éotly énvveoov vdv AB, AT, nal éove 10 piv AB 16
Z® loov, 10 0t AT v ZH, uéeov doa xol éxdregov
tév 2O, ZH. xol mege ey iy EZ magdxsitar’
¢y doo dotly éxarépa tév OE, EH nal devupuergog
v EZ winer. xol émel ¢nrov éove v6 4B el doiv
loov ©% KO, ¢nrov aoe dorl xel vo KO. xol maga
¢y EZ magdxaron $nvy dea éoviv n HO xal
oVpuergos vij EZ winer. ¢lda xal  EH $qrrp dore

1. K@) corr. in @K m.2 V. ON B, OM &u P. 2.
elooy PB. © ON] inras. V. 8. firoc] om. Fb,  dory 3
uéoovy V. 4. dot/ BV, comp. Fb. 5. 76 &oa] tdv 8¢ F.

pévov F.  xal vo £&ijg] svBeidy meoisydpevor dedoyaviov
fitor §nrov 7} péoov dordv: ~ P. 6. Post £Efig add. Omee £8ec
deikos V. 7. wn’ P, corr. m. rec. 10. dmepéyee F, sed corr.

11. z6] ©e pév B, 7o uév b. 14. X F. 15. 4B] in
ras, V. dot&y P.  OK b.  18. dow] domy B.  17. xel]
om. b. 18, maganswrar V. 21, dorl] doriv P,  22. Post
xel ras. 1 litt. V.
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rectae Z H longitudine incommensurabilis est, K®, @ M
rationales sunt potentia tantum commensurabiles;
quare N medium est [prop. XXI]. @N igitur aut
rationale aut medium est. uerum @N = 4TI AT igi-
tur aut rationale est aut medium.

Ergo rectangulum mediis potentia tantum commen-
surabilibus, et quae sequuntur.

XXVL

Spatium medium non excedit medium spatio ra-
tionali, :

Si enim fieri potest, medium 4B excedat medium
AT rationali 4B, et ponatur rationalis EZ, et spatio
AB aequale rectac EZ adplicetur paral-

A!—_' lelogrammum rectangulum Z @ latitudinem
P r faciens E@®, spatio autem 4TI aequale sub-
| 5 trahatur ZH. itaque relinquitur B4 =
Z E K@. uerum 4 B rationale est. itaque etiam

K@ rationale est. iam quoniam utrumque
AB, AT medium est, et AB=Z7Z0, AI'
= Z H, etiam utrumque Z®, Z H medium
K H est. et rectae rationali EZ adplicata sunt.
ergo utraque ®E, EH rationalis est et
rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam 4 B rationale est et spatio K@
aequale, etiam K@ rationale est.') et rectae rationali EZ
adplicatum est; itaque H® rationalis est et rectae EZ
longitudine commensurabilis [prop. XX]. uerum etiam

e

1) Uerba 76 4B lin. 20 — Zozl e/ lin, 21 post lin, 14—15
superuacua sunt et fortasse interpolata, uerba ¢nrov o4
lin. 14 — 70 KO lin. 15 damnauit August.
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xal govupetgos vy EZ uijxs dovupcrog oo éorlv
% EH vjj HO® wijxe. xal éovw og § EH meds oy
HO, ottws ©o andgriis EH meos ©0 vmd tqy EH,
HO®' covpusevgov &oa éotl 16 dnd vijg EH v6 vmd
tév EH, H®. ¢lie ©6 piv and vis EH ovpperod
fote ¢ and rav EH, HO rergdyova’ $nqra poo du-
@otege” v 0% vnd tov EH, HO cvpucrgdy ot 1o
dlg w0 zdv EH, HO" dimhdoiov pdg éomv avrod’
dovpperge &g éotl ve and rov EH, HO vd dlg vmo
tov EH, HO®" xal cvvaupdrepa dgo teé ve GmO tdv

"EH, HO xal 16 0lg vnd vév EH, HO®, nsp éotl 1o

15

20

25

and tijg EO, acvuuctoév éove vois and tov EH, HO.
¢nre 0% ta dnd vov EH, HO' dAoyov &oa To amd
tiis E@. &loypog dga oty f) E@. alde xal fnuij
omep éotiv @dvvazov.

Méoov dga péoov ovy vUmegéyse Qnrey: Omso E0e
deitac.

%

Méoag sbgelv dvvauer pdvov cvuuérgovg
$NTOV WEQLEYOVGag.

"Exxeledooar dvo ¢nral dvvduss uévoy ovuustor
af A, B, xal eldijpdw vdv A4, B uéen avaioyov T,
xal peyovérm og n A meds Ty B, ovrwg 7 I' meog
i 4.

Koi énel af A, B ¢nral slor dvveus povov ovu-
ueTgos, 0 doa vnO Tdv A, B, rovréore 16 ano vig I,
uéoov dotiv. péon doa 7 I. xnal émel éotiv ag n A
nodg v B, [ovtwg] 7 I’ medg Ty 4, of 6% 4, B

4. cevuergoy b.  16] e corr. b, 7. 76] corr. ex g B.

8. tév om. BF. 9. foziy P. 10. 7dy] (prius) om. B. = 11.
tov] m, 2 F, om. B.  Zozivy PB. 76 dwd] in ras. m. 1 P,
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E H rationalis est et rectae EZ longitudine incommen-
surabilis, quare EH, H® longitudine incommensura-
biles sunt [prop. XIII]. et EH: H@=EH®: EH><H®
[prop. XXI lemma]. quare EH®, EH><H® incommen-
surabilia sun$ [prop. XI]. uerum quadrato EH? com-
mensurabilia sunt EH®+4 H®® (nam utrumque ratio-
nale est); et spatio EH >< H® commensurabile est
2 EH >< H® [prop. VI]; nam eo duplo maius est.
itaque EH®-} H@? et 2 EH>< H® incommensurabilia
sunt [prop. XIII]. itaque etiam EH®{ H6*4 2 EH
><H®, hoc est EE? [I], 4], quadratis EH?-}- H®? in-
commensurabile est [prop. XVI]. uerum EHZ®- H@*
rationalia sunt. quare E®? irrationale est [def. 4].
itaque E@ irrationalis est [id.]. uerum eadem ratio-
nalis est; quod fieri non potest.

_Ergo spatium medium non excedit medium spatio
rationali; quod erat demonstrandum.

XXVIIL

Medias inuenire potentia tantum commensurabiles
spatium rationale comprehendentes.

Ponantur duae rationales potentia tantum commen-
surabiles 4, B, et sumatur earum media proportionalis
I’ [V],13], et fiat 4:B=1I":4[V], 12]. et quoniam
A, B rationales sunt potentia tantum commensurabiles,
A><B medium erit [prop. XXI], hoc est I'® [VI, 17].
e amé b, 18. $nzé — HO] mg. m. 1 P. Seq. ras. 1 litt. V.

14, &loyov b.  15. a&‘vmtov] -azov m rag. V. 16. pécow
— 117, dsigou om. BFb y,soov dox péoov in ras. m. 2 V;
uécoy doc uegov 0y mrseazu m. 2 B, xel e sEng add. m.
rec. 18, omeg #0es Osifor] comp. P. 18. x5’ P, corr. m,

rec. 25, elow PB.  26. rovtéoriw P.  27. doviv] comp. Fb,
dot/ PBV.  28. ovrwg] om. P.
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dvvaus uovov [elol] ovpupergor, xal af I') 4 dge dv-
vouse ubvov elel ovpuergor. xal éove péem %y I
péon dge xel ) 4. af Iy 4 dpa uéoar slol Svvduse
uovov ovuuergor. Aéyw, ott xal $qrov meguégovoiw.
5 énel pdg éotv g N A mos Ty B, odrwg 5 I medg
v 4, évaddak doo éotly og 1) A medg v I, §) B moog
my 4. oAk og 1 A meds vy I'y  I" mgodg tyjv B*
xal og dea 1 I’ medg v B, otrwg 1 B mdg v A*
vo doa vmd tdv I, 4 loov éovl td and tiig B. -
10 Tov 0% 16 amd vijg B* ¢yrov dga [éorl] xel TO Umd
wov I, 4.
Evgnvtar &oa péoar Odvvdust udévov 6VuueToos
onrov meuégovoar: Omep E0s dstfac.

’

%y

18  Mécag svgelv dvvdpsr pévov ovppérgovg
péeov megLey0voas.

’ Exxslodacay [toelg] dnral dvvduss udvoy ovuus-

toos al A, B, I, xal elifpdo tév 4, B péon avedoyov

N 4, xal peyovéro og § B medg v I’y 1 A medg

20 Ty E.

’Exel af A, B ¢qral elor Svvapes uévov evuustoor,

70 dga vwd tav A, B, tovrésre o amd tijg A, uicov

dotlv. uéen dga B 4. xal émel of B, I' dvvaus

yévov slol evupergol, xal dotiv wg 1 B medg v I,

1. #l6{] om. BFVb. xal — 2. ovm&e ot] om, B 2.
douv B. 8, elolv B. 4. nai léyw 8% F, lgym 8 10,
Eczl;l om. BFVb. tmdg bis b, 12. noenyron Vb 18.
grmw — Oeibon] el va Efjjc P. Seq. lemma, v, apgv 14, xf

corr. m. rec.  17. Ante zoeig add. ydo b, m. 2 FV.  7eeis)
om, P, reeis so8sice F, acvppergor b, 19. I ovrag V.

21, oov «f F. &low B, corr. m. 2. 22, zovtécrr P. 28,
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itague I"' media est [prop. XXI]. et quoniam est
A:B=TI:4, et 4, B potentia tantum commensura-
biles sunt, etiam I', 4 potentia tantum commensura-
biles sunt [prop. XI]. et I' media est. itaque etiam
T 4 media est [prop. XXIII]. I, 4 igitur me-
diae sunt potentia tantum commensurabiles.
I dico, easdem spatium rationale comprehen-
r I 4 dere. nam quoniam est 4:B= I'": 4, permu-
P

tando [V, 16] est 4:I'==B: 4. uerum A4:I"
B ==T:B. quare eliam I': B = B: 4 [V, 11].
itaque I'>< 4 = B® [VI, 17]. B® autem rationale est.
itaque etiam I'>< A rationale est.
Ergo inuentae sunt mediae potentia tantum com-
mensurabiles spatium rationale comprehendentes; quod
erat demonstrandum. ’

XXVIIL.

Medias inuenire potentia tantum commensurabiles
spatium medium comprehendentes [cfr. prop. XXV].
A ! Ponantur rationales potentia
: 4———  tantum commensurabiles 4, B,

Ei —1 I, et sumatur rectarum 4, B
r— media proportionalis 4 [VI,
13], et fiat B:I'=A4: E [V], 12].

quoniam A4, B rationales sunt potentia tantum
commensurabiles, 4 >< B medium est [prop. XXI], hoe
est #% [V], 17]). itaque 4 media est [prop. XXI]. et

XXVIIL. Cfr. Proclus p. 205, 10.

Bi

dot BVDb, comp. F. I, B B. 24, Post edpusreor rep. 7o
& lin. 22 — 4 1in. 28 B, del. m. 2. 24 mppJom. b. I’
otrag V.
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1 4 mpog tny E, xol of 4, E dga dvvapst povov &loi
evuucrgor. uéen 0t v A° uéon doa xaln E* of 4, E
dgo péoar &lol Ovvdust udvov ovuppergor. Adyw 04,
0tL xal pédov meouégoveiw. émsl ydp oty g f B
noog v Iy ) 4 medg v E, évadlat doa og % B
meog v 4, 7 I' mpdg vy E. wg 6% 1) B meos vy
d, 1 4 mgdg viy A° xel og dee § A medg v A,
7 I’ ngdg vy E* 0 &g vmd tav A, I' idov éott T¢>
om0 tov A4, E. péeov 0} 1o vmd tdv A, I uésov
coa xal ©0 vRd THwv d, E.

Etgnvrar doe péoar dvvaust udvov evpuctoor wé-
dov meguéyovear’ Omep Eder detfo.

Ajpue.

Edgely dvo vergapawvovg douduovg, ©0Te xal TOV
ovyxelpevov € avrdv slvar Tergdywvov.

Exxeicdwoay 0vo aguduol of AB, BI, ¥rmcav
0t fjrou dguior 1) megurvol. ol émel, fdv te dmbd do-
tlov dgriog apaipedi), éév TE amd MEQLIGOD MEQPLOGTG,
0 Aoumdg dpridg éotiv, 0 Aoumds dox 6 AL doridg
dorv. terwicdw 6 A Olye xave 1o 4. Eorwmoav
0t xal of AB, BT fjtoL Suotov émimedor 1 TeTdywvoL,
of xal avrol Guoiol eloww émimedor® 6 dpe éx tév AB,
BI" pere vov énd [vov] I'd tevgayavov igog éovi ve
ano ot Bd vergaywve. xal dove Tevgdywmvog O éx
rov AB, BT, émadrfmso &0elydn, Ovi, éav dvo Suoioc
émimedor moddamdaGidoavreg aAAjAovg molGol Tve, O
YEVOUEVOg TETQAY@VOS é6TIv. sUENYTAL dga OVO TETEU-

1. odppereor Svwdust yo'vor elm V. pévov] om. P.

elatv P. 3. eloty P. 5. obtwg 4V, 6.7 I' — rnvd
m 2B 6 &g — 7. 4 (prius)] mg. m. 1 F. 8. odtmg
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quoniam B, I" potentia tantum commensurabiles sunt,
et est B:I'==4: E, etiam 4, E potentia tantum com-
mensurabiles sunt [prop. XI]. uerum 4 media est;
itaque etiam E media est [prop. XXIII]). quare 4, E
mediae sunt potentia tantum commensurabiles.

iam dico, easdem spatium medium comprehendere.
nam quoniam est B:I'=.:E, permutando [V, 16]
erit B:4 =1TI":E. uverum B: 4 = 4:4. itaque etiam
A:4=T:E quare 4> I'= 4> E [V],16]. sed
A>T medium est. itaque etiam 4 >< E medium est.

Ergo inuentae sunt mediae potentia tantum com-
mensurabiles medium comprehendentes; quod erat de-
monstrandum.

Lemma I

Inuenire duos numeros quadratos eiusmodi, ut etiam
numerus ex iis compositus quadratus sit.

ponantur duo numeri 4B, BT, et aut pares sint

aub impares. et quoniam, siue a numero pari par sub-

trahitur, siuve ab impari' impar, reliquus par est

l [IX, 24, 26], reliquus 41" par est. in duas partes

lg aequales secetur 4I' in 4. sint autem 4B, BI'

etiam aut similes plani aut quadrati, qui et ipsi

T similes sunt plani. itaque 4 B>< BI'4- I' 4 = B A4*

"B [II,6]. et 4B><BI quadratus est, quoniam de-

rF. 11. nvonwm Vb. stcm] om. V. péooy — 12,
dsiEw] wal T 8Efjs P, 12. Gmep — Gscgou] om. BFb. 14.
dotPuovs] m. 2 F. 16. Ante of add. Spotor énimeSor mg. m.
2B 17. 87 V.  émel] supra sor. m. 1 F.  z¢e] om, V.

18. mzoirrov mequrrds V et b, sed corr. m.1. 20 éom BV,
comp. Fb. I'4P. 22 o'i’] 7 b, #] dmé V, corr, ex
dmé m. 1 b. . 23. 706 I'd] I'd B (corr. m. rec.) etb s
4P 24 dBP.  revgeydvov P, corr. m 1. doruy %

25. #0elydn] om. b.  26. woidow B. 2. noenvrar FVb.

Euclides, edd. Heiberg et Menge, III. 6
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yovor apidpol 6 ve éx tév AB, BI xal 6 and vov
I'4, of ovvredévreg morover tov amd tov B revpa-
yovov.

Kol @avegdv, 01e sDonvren mdiw dvo terpdymvor
0 1 amo tov B xal 6 and vod I'd, dore wjy vmep-
oxny adréy vov vmwd AB, BI svaw vergaymvov, Sray
of AB, BT 8pocor daw émimedor. Srav 0% py wow
Opotor émimedor, sUgnvTar Ovo tTeTodymvor 8 TE Amd
tob B4 xnal & dné rov AT, dv 1) vmegoyy 6 Umd
v AB, BI' ovx &6t vevodymvos: Omep £0e deikar.

. Afjppa.

Eigsiv 0v¥o rergaydvovg dgifuovs, dore tov &
avTdY Gupxslucvoy uy &lvol TETEEY@VOY.

"Eotw ptg 6 éx tov AB, BI, og épousy, Terod-
yovog, xal detiog 6 I'A, xal vetuiofo 6 I'd diye
t% 4. @avegov 01, ot 6 éx tév 4B, BI' terpayovog
perd 7o anod [rov] I'd vevgaywvov loog éovl e dmd
[tov] BA tevpeyove. donenede woveg 9 JE- 6
dpo éx tv AB, BT psta tov axd [rov] I'E éidecov
éotl 10D dwd [voD] BA vevgaydvov. Aéym ovv, Om
0 éx vov AB, BI zerpdywvog pete toi axd [tov) T'E
ovx &oTon TeTQdy@VOG.

E¢ yop &orouw vevgaymvog, #vor iGog éotl T amd
[rov] BE 1 éAdecov tov dmd [tov] BE, ovxér. 0%

2. wotoe V, sed corr Bd] supra ser. m. 1 F, TE-
Q’ayawov F, sed corr. 4. Mg. add. W Bb m.2 PFV. mdlw
nvenvTe ¥ nenvror Vb. 1ezpuymva P, corr. m. 1.

6. o] (alt.) om. P. 8. tov] mjy FV.  omé 'mw V. 4B}
B ins. m. 2 P. tetodymvoy sivou B. 8. nvpnwat Vb, et
corr. ex eDonvran m. 2 F. 9. o] om. P. 1"A BFV 7}
om, b, 10. 4B] 4 P. Ante 8xze add. & dee P. Omeo
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monstrauimus, si duo numeri plani similes inter se multi-
plicantes numerum aliquem efficiant, numerum inde pro-
ductum quadratum esse [IX, 1]. ergo inuenti sunt duo
numeri quadrati 4B ><BI' et I'4% qui compositi qua-
dratum B4 efficiant. et manifestum est, rursus inuentos
esse duos numeros quadratos BA* et I'4® eius modi, ut
eorum differentia 4B>< BI" quadrata sit, si 4B, BI'
plani sint similes. sin non sunt similes plani, duo
numeri quadrati inuenti sunt B4® et A4I', quorum
differentia 4 B><BI quadrata non sit; quod erat de-
monstrandum.

Lemma 1II.

Inuenire duos numeros quadratos eius modi, ut
numerus ex iis compositus quadratus non sit.
-4 Sit enim 4B >< BI" quadratus, uti diximus
iy [lemma I], et I'4 par sit et in 4 in duas
61 , partes aequales secetur. manifestum igitur, esse
E:Z AB >< BI' 4+ I'4*= B 4* [u. lemma I]. subtra-
hatur unitas 4E; itaque 4B><BI'4 I'E? <
1T B4 dico igitur, numerum quadratum [IX, 1]
AB>< BI' addito I'E® quadratum non esse.
~B Nam si quadratus erit, aut aequalis est quadrato
BE? aut minor quadrato BE? maior autem non est,

#0z 3ziter] om. BFVD, compP P. 1. ‘tw] raza zo F. 6]
om. P. 17. 7ov] (a.lt) T7jg 18, zov om. BFb, ziig P,
B m. 2 opolmg povag P. 19. éx] ano b.  Tdv] TOV P,

BT retgdyovos V. zov] (alt) om. BFD, ¢ijcP, Bm. 2. &do-
ooy éotl Tov] in ras. m. 1 b. 20. -:ou] om. BFb, zijs P,
m. 2 B. 21. o] om. b. 7od] (alt) om., BFD, zjjs T
fomu P. 28, forar] fove BFb., Zfouiv B, sed corr. 24 7ov]
om. Bb, zijg P. ~ ddooar] 7@ F, é’lacoov 8v b; #ldecoy B,
seq. ras. 1 litt., &idecort m. rec. z0% — BE] om. V. 1:06]
om. BFb.  o9x fou b.

6*
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xel pelfov, e uny tundy % povds. é&6re, & dvva-
©6v, mpdregov 6 éx tév AB, BI' uera vod amd I'E
i6og ©¢p amd BE, xal éotw vig AE povddog dimda-
oglov 6 HA. érnel ovv Olog 6 AT Giov tov I'd
dove dimdaslov, ov 6 AH 1ot AE éore dimdeciov,
xal Aoimog dga 0 HI Aoumod tov EI éove dumdaciov:
0o doa térunmrar 6 HI ©6 E. 6 coo éx tév HB,
BI' pere tob and I'E loog éorl t amo BE terpa-
yove. dia xal & # wdv AB, BI' peva tob A4md
T'E teog vmoneitar ¢ amd [vov] BE vevgaydvep: o
éoe & vov HB, BI' pera vov amd I'E loog éorl t6h
éx vov AB, BI' peve vo¥ and I'E. xal xowwov agai-
o&edévrog vov and I'E ovvdyerar 6 AB loog t¢p HB"
Omep dromov. ovx &pa 6 éx twv AB, BI' pera rov
and [vov] T'E loog dotl ¢ amd BE. Aédyw &7, oue
000 éAaoowv tov and BE & pap dvvardv, Eotw
©@ and BZ iloog, xal toi AZ dimiaclov 6 O@4. xal
ovvaydiostar medwy duwdaclov 6 OI tov I'Z dore
xal vov I'® 0y terpfiodar xave ©0 Z, xal dia vovro
7ov éx 1ov @B, BI" uere tov ano ZI' lgov plveodar
t¢ and BZ. vmoxeizar 0t xai 6 éx vov 4B, BI' pera
to0 &nd I'E l6og té and BZ. dove xal 6 & tdv
@B, BI' pere tov and I'Z loog &otaw v65 éx vav AB,
BI' pera vod and I'E: Omsp dromov. ovx dga 6 éx
rév 4B, BI' psre 100 and I'E loog éoti (5] éAoo-

1. peifove (0 et ¢ corr) B; ye. pelfove nptitrdv égte supra
ser. m. 2 V. p1i] wize Theon (BFVD), P m. 2.  Post po-
vag add. Theon unze o éx Ty AB, BI" yna 0% dmo (tov
add. V) I'd, éc douv 6 (om. b, mg. B) dno (rod add. PVb)
B4 (e corr. m. 2 v, 4B PBb) toog 9 ¢ x (vmbé BV) zow
(om. PB) 4B, BI' pera tov awo (-zov add. PV) TE (BFVb,

P m. 2). sl]correxnm2P g I'E P. 8. zijg
BE P.  tig AE povedog] om. V, Gmléatog P. 4. H4
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ne unitas diunidatur.') prius, si fieri potest, sit 4B><
BI'--T'E*—=BE? et sit H4=2 4E. iam quoniam
AP=2T4d, AH=2A4dE, erit etiam HI = 2 EI.
itaque HI" in E in duas partes aequales diuisus est.
ergo HB><BI' 4 I'E* = BE?* [II, 6]. supposuimus
autem, esse etiam 4B >< BI' 4 I'E* = BE®% (quare
HB><BI'-} T'E*= AB><BI'4{ I'E%. et subtracto,
quod commune est, I'E? concludimus, esse 4 B=HB;
quod absurdum est. ergo 4B><BI' - I'"E? quadrato
B E® aequale non est. iam dico, ne minorem quidem
esse quadrato BE®. nam si fieri potest, sit 4B ><BI"
+ T'E?=DBZ% et @ 4=24Z. et rursus concludemus,
esse OI'=2TI"Z; quare etiam I'® in Z in duas partes
aequales diuisus est, et ea de causa @ B><BI'-} ZI™
"= BZ% [II, 6]. supposuimus autem, esse etiam

1) Nam 4B><BI'} I'E?< Bd4". sit latus x. ergo habe-
bimus BE* < x' < (BE + 1)*, h.e. BE < x < BE + 1, ita
ut x fractio sit, quod fieri non potest.

tiic AE povddog V. b, doviv P.  av 0] 6 3¢ P.  dumddoiog
BFb. 6. xxl 6 BFb. I'H V. &urlaciog BFb. 7. Ante
t¢ ins. ¢wé m. 2 F. HB] B e corr. F. 8. ot 'E V.
tov BEV., 10. zo6] om. BFb. 11, HB] H in ras. V.
BI'I BHb. wot TE V. 12, ] omd V. ‘nfw% 700 P.
AB] 4 in ras. V., vov T'E V. 18. ot 'E V. ¢]
n P. toog =6 ] fom 7 P. 15. zov» I'E] I'E BFb, =g
TE P. top BE V. 6 w6 tdv HB, BI" loog 16 éx tdv
AB, Bl mg. Fb. &j] om. b.  16. flaccor F m. 1, V (sed
corr.); éidooovs F m. 2, b, B in ras. tod BE V. 17. zod
BZ V. foog] om. Fb, m. 2 BV. xelodm o V. xel]
om. V. 19, vé] wo» F.  20. 26»] wjy F. &) 9mé b. 7o
zrv. ylyveofen ¥, yevéofew Vb, 21. BZ] ZBB ot V
(supra Z ras, est). 22.to0 ’'EV, BEb. BZ] in ras. V,
T'E b. Bote — 28. 10| ocvvagdcerar &ee loog 6 Theon
FVb). 24, pera] in Tas. @. Post I'E add. Theon: 7o
x 1oy OB %EB l? BI pere tob dwd I'Z (BFVb). 26. doviy B,
té) om. P.  fidvrome V.
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oove tov dxd BE. #0elydn 04, Ot ovdd [avrd) e
éxd BE. odx &ge & éx 1év 4B, BT psta tod dmd
I'E vergdpovis éorww [dvverot 0} dvrog xel xate
mielovag TEOmoUs Tovg elgnuévovs aouduovs émideix-
vUew, agreloB@woay Nuiv of slonuévor, Tva py paxporé-
oag ovong Tig moayparelag Enl mAdov avryy unxvvousy).
Omep e dsikar. _
%9,

Evpely d0vo {nrag Svvdper pdvov Gvupé-
Toovg, dors v pelfove tijs éAaddovog pelor
dvvacdar 16 anoé cvppéroov éavry wrxsL

' ExxsloBo pag tig ¢nry ) AB xel 6vo revedymvor
doudpol of I'd, AE, dore tny vmegoyyy alrdy Tov
T'E uy &lvar terpayovov, xal peyodpdm énl vijc AB

15 Nuixvxdiov 10 AZB, xel memonjedw ag 6 AT meog

20

25

rov T'E, otrag ©0 dnd tijg B.A tevgdywvov moog 7o
ano tijg AZ vevdyavov, xel énslevyde 1 ZB.

'Ensl [o0v] oty dg ©0 dmo vijg BA medg ©d dmo
vijg AZ, otrag 6 AT mpds tov I'E, to dmd tijg BA
doa meds 0 dmo tiig AZ Adyov Eye, ov agidudg 6
AT mgog dguduov vov I'E: odupergoy Gpo éotl o
and vijg BA 6 and vig AZ. . ¢nvov 8% ©0 amd wijg
AB' ¢qrdv dpe xel vo amd vig AZ fmray oo xal
N AZ. nod émel 6 AT moog rov T'E Adpov ovn &gz,
Ov terpdyovos dgiduds wedg Terpdymvov deLiudy,

1. 206 BE V. oadro] om. P. 2 ¢ijg BEP; TTE b,
Dein add, Theon: o6t (om. b) pelfovs adrod SBFVb). 8.
Zouu PBV, comp, Fb, dvrvarod] r in ras. plurium litt. B.

4. toomovg] bis b. 7o slgnuévoy Theon (BFVD). deidpovs]
om. Theon (BFVDb). émidscnvvey] éme- supra scr. F, in ras.
B; midaxvover V. 5. aoxelo@o Nuiv 6 slonuévog Theon

(BFVb). 7. dweq #3ee deikee] om, Theon (BFVD). 9. sv-
oloxsww B. 11. 5] corr. ex ot m. 2 B.  13. zéy] oy V.
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AB><BI'+TI'E*=BZ3 quare etiam @ B><BI'+I'Z?
== AB > BI"' + I'E?; quod absurdum est. itaque
AB > BI' 4 I'E? spatio minori, quam est quadratum
BE?, aequale non est. demonstrauimus autem, ne ipsi
quidem BE? id aequale esse. ergo 4B>< BI'-}- I'E?
quadratus non est!); quod erat demonstrandum.

- XXIX.

Duas rationales inuenire potentia tantum commen-
surabiles eius modi, ut maior quadrata minorem excedat
quadrato rectae sibi longitudine commensurabilis.

ponantur enim recta rationalis 4B et duo numeri

z quadrati I'd, 4 E eius modi, ut eorum
differentia I'E quadrata non sit
p [lemma I]. et in 4B semicirculus

. , , describatur 4ZB, et fiat 4I': T'E
r 4 — BA4®: AZ? [prop. VI coroll], et
ducatur ZB.

quoniam est BA*: 4Z:=AT:TE, BA® ad A4Z?
rationem habet, quam numerus 4I" ad numerum I'E,
itaque BA4®, AZ? commensurabilia sunt [prop. VI].
uerum A4 B? rationale est [def. 4]. itaque etiam A4Z2
rationale est [id.]. quare etiam 4Z rationalis est. et
quoniam JI':I'E rationem non habet, quam numerus

1) dvvarod lin. 8 — unwvveopsy lin, 6 Euclides non seripsit;
uncis ea inclusit August II p. 859. nescio, an idem recte de
ambobus lemmatis totis dubitationem iniecerit. sed satis an-
tiquo tempore interpolata sunt.

15. og] supra ser. m, 1 V. 4] ras. F,  4I'] in ras, m.
1 P. 17 zerpdyovor] om. V. 18, of] om. P.” 19. 4T]
Trav. 2l éoetvP. 28 xal ] 7 P. 24 4I') T4 F.
ovx] supra scr. m. 1 P.  26.0v 6 V.
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0U0¢ 10 dmd vijc BA dpa mpog To amd tiig AZ Adyov
&yev, Ov veTEAymvog doLduds mdg TETEEYMVOV CQILD-
pov: dovupergos &po éorlv 7 AB tij AZ pixs of
BAd, AZ &oo {$nral sloe Ovvdus povov GUBUETQOL.
xel énmel [dotww] g & AT mpdg ©ov I'E, ovrmg 76
ano tijg BA mpog 10 awd vig AZ, avaeredpavr. doa
g 6 I'd mpdg 1ov AE, otrwg 6 and tig AB medg
v0 amd vijg BZ. 6 6% I'd mpdg ©ov AE idyov ¥ye,
0V TeToUyOwog aguiulds meds TETEUy@mYOV dududy
xal ©0 dmo vijs AB dpa meog o dmo vijg BZ Adyov
Eyet, Ov tevpdyavog doiBuds neds TeTodyavoy GoLdudy -
ovuuergog dou fotlv 1) AB vij BZ e, wal o
70 dnd vijg AB l6ov volg dnd tov AZ, ZB' 3 AB
doa vijg AZ pelfov dvverer vfj BZ ovpuérep favri).
Evonvrar doa 0vo ¢nrel dvvdus. povov 6vuustoor
o«f BA, AZ, dore v pelfova vy AB vijg é\docovog
tiigc AZ peifov dvvecdur vd and tijg BZ ovupirgov
favrf) pijxest Omep #0e Oeitau.
A
Edgety '0v0 gnrag Svvdpsr pdvov ovupé-
Teovg, @6Ts Ty petlove tijg éAdocovog usifor
dvvacBar g axd aovppirgov fxvr pijxse.
"Enxstode dnry) ) AB xel 0vo vevodymvor agidpol
of T'E, Ed, dete tdv ovyxsiusvov € adrav tov I'd
ur ever TeTodyovov, xel peyoapde éml tig AB fui-
1. 4B F. d&ee«] supra ser. m, 1 P. 427 Z e corr. V.
3. BAP. 4 AB, 4Z BVb; 42, 4B F.  ‘clow B. .

douv] om. P. zév] mut. in té m. 2 F.  10. xel 76 — 11.
dfudy] mg. m. 1 F (partem abstulit reparatio pergam.). 12

ovdeveos P.  Bouv P. 14, favti pixee V. 15, noenyran
Fb. 17, pelfova P,  ZB Bb.  ovppérem F.  18. dmee
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quadratus ad numerum quadratum [lemma I], ne B.A4?
quidem ad 4Z? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare 4B, 4Z longi-
tudine incommensurabiles sunt [prop. IX]. itaque
B A4, AZ rationales sunt potentia tantum commensu-
rabiles. et quoniam AI': 'E = BA®: AZ%, conuer-
tendo erit [V, 19 coroll I'd: 4E = 4 B?: BZ% [cfr.
111, 31. 1, 47]. sed I'd: JE rationem habet, quam
numerus quadratus ad numerum quadratum. quare
etiam 4 B®: BZ? rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque 4B, BZ longi-
tudine commensurabiles sunt [prop. IX]. et 4B%=_4Z?
+ zB® [, 31. 1,47]. itaque 4 B® excedit 4Z* qua-
drato rectae BZ sibi commensurabilis.

Ergo inuentae sunt duae rationales potentia tan-
tum commensurabiles B4, 4Z eius modi, ut maior
AB quadrata minorem A4Z excedat quadrato rectae
BZ sibi longitudine commensurabilis; quod erat de-
monstrandum.

XXX,

Inuenire duas rationales potentia tantum commen-
7. surabiles eius modi, ut maior qua-

drata minorem excedat quadrato
rectae sibi longitudine incommen-
A p surabilis.

Ponatur rationalis 4B et duo
numeri quadrati I'E, E4 eius
modi, ut numerus ex iis compositus I'4 quadratus non

r_=® 4

#32 deiou] :~ P, om. BFb. Seq. lemma, u. app.  28. dotd-
pel] om. FV, 24 zdv] (alt.) zév b,
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xUxdiov 0 AZB, xal memoujodeo wg 6 AT xgog Tov
T'E, ottwg ©d amo tijs BA meds o dmd vijg AZ,
xal énefevydo v ZB.

‘Opolwg 07 delbouey ©é med Tovrov, 8v ol B A, AZ
¢nral eloe Ovvduse uovov evpperoor. xal émel doviy
ag 0 AI' medg vov T'E, otrmg 10 dmd 3¢ BA medg
©d and vijg AZ, dvacreépavre Goa oz 0 I'd medg
Tov 4E, otrwg ©d ¢nd tijs AB moodg vo and vijc BZ.
6 8 I'4 mpog vov AE Abyov ovx &ye, ov vevodym-
vog agduds medg Tevpdymvov aguiudy’ o0vd dpa ro
and vijg AB mpdg ©0 amd tig BZ Adyov &ye, dv
TeTpdymvog apiduds mpds TeTpayOVOY apLdudy” dovu-
usrgog &oa doviv ) AB vfj BZ wixer. xel Ovveres
7 AB vijg AZ peifov t¢ axd vijg ZB asvuuireov
éavry].

Al AB, AZ &ga ¢nral elov dvvauss udvov Gvy-
pergor, xal § AB vijg AZ ustfov dvvarar 16 dxd vig
ZB acvupéroov favryj mwijxes’ omsp e dstia.

Ao,

Eveslv 0vo uéoag Ovvduer udvov dvpué-
Troovg $nTdv megiegovoag, @ere Ty psifove
zijs éAdodovog petfov dvvecdar Td amd cvp-
pérgov faveq urfxs.

"Exxsiodweay o ¢nral Svvdust udvov evupcroor
af A, B, dove vy A pelfove oveav tijg éAdedovog
vijg B petfov dvvaoBar té dmo svuudrgov favrii wijxe.

1. Post xaf del. éxeledyBo m. 1 P. T'ad P.  1év] om.
Fb. 2. B4]ecorr. m.2V. BZb. 8. BZP. 4 8,
corr. m. 1. “og & te Theon (BFVb). BA4] e corr. m. 2 V.

5. elowv B. 6. zév] om. B¥. 7. I'd) 4rb. 9. I'd]
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sit [lemma IT), et in 4 B semicirculus .4Z B describatur.
et fiat 4I':TE=BA*: 4Z® [prop. VI coroll.], et du-
catur ZB.

iam similiter ac in praecedenti [p. 86, 18 sq.] de-
monstrabimus, B4 et 4Z rationales esse potentia
tantum commensurabiles. et quoniam est 4I':T'E
== B 42: AZ?, conuertendo [V, 19 coroll.] erit 'd: 4E
= B 4%: BZ? [111, 31. 1,47]. uerum I'4: 4E rationem
non habet, quam numerus quadratus ad numerum
quadratum. quare ne 4 B® quidem ad BZ? rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque 4B, BZ longitudine incommensurabiles
sunt [prop. IX]. et AB*= 4Z7%+ Z B2 [I1], 31. 1, 47].

Ergo AB, AZ rationales sunt potentia tantum
commensurabiles, et 4B quadrata excedit 4Z qua-
drato rectae ZB sibi longitudine incommensurabilis;
quod erat demonmstrandum.

XXXL

Inuenire duas medias potentia tantum commensu-
rabiles spatium rationale comprehendentes eius modi,
ut maior quadrata minorem excedat quadrato rectae
sibi longitudine commensurabilis.

Ponaxtur duae rectae rationales potentia tantum
commensurabiles 4, B eius modi, ut maior 4 qua-
drata excedat minorem B quadrato rectae sibi longitu-

in ras. V. ovx] postes ins. F.  18. zfj] corr. ex 4 V.  dv-
vapee b, -pes supra ser. F. 14, pelfov b. BZ Fb.  dova-
pézeq BFb. 16. 4Z] BZ, Theon (BEVD). ~ elow P. 17,
6] = P. 18. BZ F. aavpyueqo F ozeo é’&u deifor]
comp. P, Gmse b. 22. nmo] -0 eras. aovupéteoy P.

286, aw‘métqov P, et F (a del.). p.nuu] om. FV t m,.2 B.
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xel T vmo rov A, B loov éotw td dmd vig I. ué-
gov 8% 10 vmd vév 4, B- pfeov &po xal td amd Tig
I péon Goa xel ) I 76 0% dmo tijg B loov &orw
70 tmd vév I, 4° gnyrdv 6% ©o awd wijs B dyqrow
doe xal ©0 Uwd rdv I, 4. xal émsl éoviv dg 7 A
mpog Ty B, otrwg 1o Twd tdv A4, B medg O amd vig
B, dAie ©6 piv Umd tdv A, B idov ot 10 dwd Tig
T, ©¢ 0% dnd tijg B loov ©0 ¥md tav I, 4, dg deu
7 A meds miv B, ofreg o dno vig I’ medg 7o Dmd
tov I, 4. og 0 ©d and zijs I' mpog ©d vmd widw
I, 4, otzag % I' medg tqv A° xal ag doa § A mgds
v B, ottwg % I' mels v 4. ovpusrgogs 0% 7 A
tj B dvvape udvov: evpuergos doo xal 4 I' 1) A
dvvduer povov. xal ot péon n) I péon doe xal
N 4. nal énsl dorwv og N A medg iy B, 0 I meog
vy 4, 7 0% A tijg B pelfov Odvarar v dwo ovu-
uérgov éavtil, xal 5 I &oa vijg A petov dvvarar v
o ovupéroov avry.

Evenvrar &go 0YVo péoar Svvdper pdvov ovuusroor
af Ty 4 ¢nrov meguéyovoar, xal 5 I' tijg 4 psifov
dvvdrar TG amo ovpuéroov fevrf prxer.

‘Ouolog On daydriceren xal 16 dwd dcvpuirgov,
Srav 7 A tiig B peifov dvvqrer v dwd dovpuérgov
savr.

1. =] corr. ex vav m. 1 P. 2, 7j¢] corr. ex zo¥ m.
2F. 8.06]&F 4 4 corr. ex 4 m. rec. b, 4 ¢ (non F).

5. &eo ot P.  Ante fmsl ras. 3 lith. P. 7. vmo] v- in
ras. V. 8. dorl 76 b. 14. domww PB.  15. oftes 5 I' FV

16. 7ij¢] =it F.  t6] corr. ex w6 F.  dovppéreov P, su
¢ ras. 1 itt. B, ovppétep @.  17. dumjorron Theon éBF

8. dov, érgov P, supra o ras. 1 litt. B, ovppéreo

nSenvrar Vb, F m. 2. &eo] supra scr. m. 2 B, 21 aav
wéteov P, supra o ras. 1 litt. B,  22. 8¢ FV. «¢) w6 F
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dine commensurabilis [prop. XXIX]. etsit I =_4><B.
nerum A ><B medium est [prop. XXI]. itaque etiam
I'* medium est; quare I' est media [id.].
- | sit autem I'>< 4 = B®. uerum B?® rationale
1 est. itaque etiam I'>< 4 rationale est. et
quoniam est A:B=_4>< B:B? [cfr. prop.
4 B T' 4 XXIlemma), et = A><B, BB=I>< 4,
erit 4: B=1TI%:I'><d. est autem I'?:I'>}XJ=I":4
[prop. XXI lemma]. quare etiam 4:B=1I": 4. nerum -
A, B potentia tantum commensurabiles sunt. itaque
etiam I'y 4 potentia tantum commensurabiles sunt
[prop. XI]. et I' media est. itaque etiam 4 media
est [prop. XXIIT). et quoniam est £:B=1I:4, et
A% excedit B® quadrato rectae sibi commensurabilis,
etiam I excedit 4° quadrato rectae sibi commensu-
rabilis [prop. XIV].

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles I', 4 spatium rationale comprehen-
dentes, et I'? excedit 4* quadrato rectae sibi commen-
surabilis.

Similiter demonstrabimus, I'® excedere 4* quadrato
rectae sibi incommensurabilis, si 4* excedat B? qua-
drato rectae sibi incommensurabilis [prop. XXX].

cvupézeov P, et F, corr. m. 1. 23, 5} 4] om. P.  dv-
vijontar B, dvwijestan L, 8dwvnras ) 4 P, cvppéreev P. 24,
Seq. lemma, u. app.
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ig.

Edgeiv 8vo péoag dvvausr povov dvppé-
Toovg ué6ov megLeyovdag, were tNY ueilove
vijg éAdodovog peifov OvvacPar 16 dmwo Gvu-

5 uétgov favri.

"Exxelodmoay toel dnyral dvvdus uévov evuuergor
af 4, B, I, dove tyw A vijg I' petfov Svvacdar v
ano cvpudroov favrf), xal t¢ ptv vwd védv A4, B loov
forw 0 amd tiig 4. péeov dpa vo amd viig A nal

10 §) 4 dga péon orlv. v 0t vwo vév B, I loov fore
70 Um0 tov 4, E. xel énsl dotiv dg 10 Vmd TV A,
B mods ©o vmo vwv B, I', oltwg 7 A meog v T,
dlde e ptv vwd vov A, B loov éorl v dmo tig 4,
Tg 0t vmo vév B, I' loov ©o vmo tdv A, E, forw

15 &g dg 7 A mpog v I, olrwg T0 amd vijg 4 medg
70 Umo tov 4, E. og 0% 70 and vijs 4 medg Td Vmd
tov A, E, otrag 4 medg iy E° xal dg &ea % A
ngog iy I, ottwg 7 A medg vy E. evuucrgog 0%
9 A vij I' dvvduer [udvov]. ovupsrgog &oo xal 5 A

20 7f; E Ovvdps pdvov. uéom 0 ) 4° uéen doe xal
%) E. xal émel domv dg 1) A medg iy I'y 7 4 medg
m E, 1 0% 4 vijg I' petov Svverer ¢ amd qvpus-
Toov faurij, xal 1) 4 dge vig E ustfov Svmijesrar ve
dno ovppéroov Eavrf. Adyw 01, Ove xel uéoov éotl

25 ©0 vnd Tov 4, E. émel pag loov éorl 16 vmd tHv
B, I' 1 vmé 1év 4, E, picov 0t 6 vmé vdv B, I

4, fAdrroveg FV. pelfova L, et B, sed corr. ovupé-
zgov] ¢- add. m, rec. b. 6. aven L. 6. §nrel of 4, B, " V.
7.afl 4,B, "'} om. V, of 4, B b. “peifove L, et B, sed
corr. 8. ovppfrgov] d- add. m. rec. b, @] 6 L. 10.
doz{ V, comp. Fb. 11. 76 $mé wév 4, E] m. 1 b, supra ser.
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XXXIIL

Inuenire duas medias potentia tantum commensu-
rabiles medium comprehendentes eius modi, ut maior
quadrata minorem excedat quadrato rectae sibi com-
mensurabilis.

A— Ponantur tres rectae

di—————1  rationales potentia tantum
B l B commensurabiles 4, B, I
I ! eius modi, ut 4 excedat

I'? quadrato rectae sibi commensurabilis [prop. XXIX],
et sit 4% == 4>< B. itaque 4% medium est; quare etiam
4 media est [prop. XXI]. sit autem 4>< E=B><1I.
et quoniam est 4 < B:B><I'= A:I [prop. XXI
lemma]'), et #2=A><B, 4>X E=BXI, erit 4:T"
=4*: 4>< E. uverum 4*: 4>< E=A4:E [prop. XXI
lemma]. quare etiam 4:I'= 4:E. sed 4, I" potentia
tantum commensurabiles sunt. quare etiam 4, E po-
tentia tantum commensurabiles sunt [prop. XI]. 4
autem media est. itaque etiam E media est [prop.
XXIII]. et quoniam est 4:I'=4:E, et 4* excedit
I'? quadrato rectae sibi commensurabilis, etiam 4*
excedit E? quadrato rectae sibi commensurabilis [prop.
XIV]. iam dico, 4><E etiam medium esse. nam

1) Nam 4:B = 4 > B:B? (cfr. supra p. 92,5), B: I =
B*:B><TI.

m. rec. t dmd vod E. 13. doriv L. 14. looy dorl V. o
mzo THY 4, E] m. 1 b, supra scr. m. rec. -m dmwo zov E.  16.
0 vno tov 4, E] m. 1 b, supra scr. to ¢nd 106 E.  d¢ 8¢]
el g V. 19 povor] om. P. 22. 1o} corr. ex 6 m. 2 P.

wppsreovill ¢- add. m. rec. b, item lin. 24. 24. dotly L.

26. #otly 6] 16 V, et b -sed corr. 26. 7g md Tl
4, E] m, 1 b, supra scr. m, rec. ©é énd 7ot E. ‘2] o P.
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[ef yap B, I' ¢nral slor dvvause udvov evuusrgol],
péoov dga xal ©o6 vmd Tev 4, E.

Evgnvrar &ga 0vo péoar dvvdps pévov evuusrgor
ol 4, E péoov megiéyovdal, @ore tnyv pelfove tig éide-
dovog uslfov Ovvacdar vé amd ovpuérgov éevri.

Ouolwg 0y mdhww Oeydjostar xol ve dmd dovu-
uéreov, orav 0 A vig I' pstfov ddvyrar v6 dxd dovu-
uérpov éavry.

o

Ajppe.

10 "Eore telyovov dpdoydviov ©d ABI debnv &ov
v A, xol Nydw xddevog 7§ A4 Aéyw, ovt Td pdv
imo tdv I'BA loov éotl v6 dmd vijg BA, vd 0% vmd
rov BI'4 igov ©6 and viig I'A4, xal v vmwd tdv BA,
AT ieov ©¢ and vijs A4, xel &ve ©6 vmd tev BT,

16 A4 loov [forl] 6 vmd vév B A, AT.

Kol modvov, tv 16 vnd vdv I'BA loov [éerl] 16
and tig BA.

Enel yag &v dpdoyavie toipdve amd vig 0edijs
yovieg énl vy Pdow xdderog yxvow §) Ad, ta ABA,

20 AAT Gga tolyove Opowd éove ¢ ¢ OAp v9 ABIT

xal dAdfdotg. xel émel Guowdv dor 16 ABI tolyw-

vov t0 ABA roiyeve, éerw doa og 3 I'B medg v

BA, ottwg ) BA mpog tqv B4 ©d dga vmo tdv

I'B4 ieov éovl ©6 amo vhig AB.

1. efyde — odppergor] om. LFVb, mg. m.2 B.  elow P.

2. »al] om. LB, 176 9w tév 4, E] m.1 b, supra scr. m. rec.
76 dndtovE, 8. ndenvron LFVDL. ~ 4. ziwpév V. 6. coppé-
teov] d-add. m.rec.b.  6.76] 6 V. ovppérgov L, et BF, sed
corr. 7. dvvarar Pb. owvppéreov L, et BF, sed corr. 8. Post
foqvty add. Omeg £0e deikes V. Seq. lemma, u.app. 9. 1fjppa]
om. L. 10, #eov P.  11. A] 9m6 BAT Theon (LBFVDb); ye.
tijv 956 BAT' mg. P. 12, I'B4] supra add. B PV, deuiy L.
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quoniam B> I'= 4> E, et B> I medium est
[prop. XXI], etiam 4 >< E medium est.

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles medium comprehendentes 4, E eius
modi, ut maior quadrata minorem excedat quadrato
rectae sibi commensurabilis.

Similiter rursus demonstrabimus, 47 excedere E*
quadrafo rectae sibi incommensurabilis, si 4° excedat
I'? quadrato rectae sibi incommensurabilis [prop. XXX].

Lemma.

Sit 4 BT triangulus rectangulus rectum habens
angulum 4, et ducatur perpendicularis 44. dico, esse
I'B><XBAd=B.A BI'|XTA=I'4% BAXAT'= A&,
BI'< Ad=BA>ATL

et primum, esse I'B>< B4 = B4

nam quoniam in triangulo rect-

angulo ab angulo recto ad basim

_ | r perpendicularis ducta est 44, trian-

"/ guli ABA, AAT et toti ABI et

I inter se similes sunt [VI, 8]. et

quoniam ABI'eo ABA, erit I'B: B4=BA:B4
[VI, 4]. quare [VI, 17] 'B><B.Ad=A4B2

13. BI'4] supra add. I' PF; BI', I'd e corr. V., foov]
supra scr. m. 1 P.  jg] om. Bb. AT 9. BAT, supra
add. 4 m. rec., P. 14, BI'] e corr. V, 15. Zot{] om.
LBFVb. zév] om. P. 16,  zdv] om. P. TI'Bd] FVb,
Bm.2; 'BLB; T4B P; I'B,B4 FVm.2 Pm.rec. Zot/]
om. LBFVb. 19. ta] corr. ex zije m. 2 B. 4BA4] 4 in
ras. m. 1 P. 20, 44T? L.  dovlv LPB. 22. AB4] B
inras. V. 23 B4] 4B g. BA] mut. in 4B V. 24,
I'B, Bd 9, m.rec. P, m. 2 V,

Euclides, edd. Heiberg et Menge. IIL 7
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A ta avra 07 xal 16 Und vov BILd igov éerl
¢ and vijc AT

Kol énel, dov év dpBoyovio voyawve dwd tig bo-
9jg yoviag éml iy Pdow xadevog aydi, 1 aydeice

b Tdv T Pddewg Tunudtov uéen avalopdy éotiv, EaTwy
doa og 7 Bd moog tqv A4, ovrag ) A4 medg v
AT 6 dpa vmo tév Bd, AT idov éovl v dmo
tijg dA.

Aéyw, 6t xal 1o vmd vav BI, A4 ilgov dotl 16

10 v70 tov B A, AL énel poo, og Epapsv, duoidv éote
0 ABI ©¢ ABA, ¥ovw aoo wg 7 BI' meog o
I'4, otrwg 1) BA mgog vy Ad [dav O réocapeg
evdelar dudioyov a6y, TO VRO Tdv Gxenv ldov ol
¢ Vmo TV wéowv]. o dea Tmd tév BI, Ad igov

15 doti 16 Und vov BA, A" Oomeo #e deibou.

iy.

Edgeiv 0vo s0delag dvvdusr agvuuéroovg
moLovaag 1O uiv Gvyxslucvoy éx Tov ax avTaV
TeTQup@vay §nrdv, 10 & U7 avrdv uédow.

20 ’Exxelodocay 0vo ¢nral dvvduse uévov evpueroos
of AB, BI', @ote v pelfova mqv AB tijs éAd66ovog
vijg¢ BI' psifov dvvacdar 16 amd davupérgov favry,
xel tevwiedw 7§ BI dlye xova ©o6 A, xal tep dg’
omotépag tov BA, AT loov mage v AB magefs-

25 Plijodw mapadinidyoauuov €Adeimov &lde Tergaydve,
xol fat 10 Umd tédv AEB, xal yeyedgpde éxl tijg

1. BI', I'd m. rec. P, m, 2 V.  Z6t{] om. Fb. 8.
Tetyove ] supra scr. comp. m. 2 B, 6, Ad)] 44 B. 10.
dote] postea ins. F.  11. ABTI tolywvoy F.  ABA) AT'd
BFD, et supra secr. Bm. 1 V. 12. I'd] 4 in ras. V. A44d]
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eadem de causa etiam BI'><I'd = AI™

et quoniam, si in triangulo rectangulo ab angulo
recto ad basim perpendicularis ducitur, recta ducta
media est proportionalis partium basis [VI, 8 coroll.],
erit BA: A A= AA:AI'. quare [VI, 171 BAd>< 4T
=44

dico, esse etiam BI'>}< 44 = BA>< AI'. nam
quoniam, ut diximus, trianguli 4BI', ABA similes
sunt, erit [VI, 4] BI': I'4d = BA: Ad. itaque?)
BI'><44=BA> AT [VI, 16]; quod erat demon-
strandum.

XXXIII.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum rationalem efficiant,
rectangulum autem medium.

Ponantur duae rationales potentia tantum commen-
surabiles 4B, BI" eius modi, ut maior 4B quadrata
minorem BI” excedat quadrato rectae sibi incommensu-
rabilis [prop. XXX], et BI' in 4 in duas partes ae-
quales secetur, et quadrato B«? uel 4I™ aequale
parallelogrammum rectae 4B adplicetur figura qua-
drata deficiens [VI, 28] et sit AE><EB, et in 4B

1) Uerba quae praecedunt damnaui, quia non magis est,
cur haec propositio omnibus uerbis citetur, quam VI, 17, qua
bis in hoc lemmate tacite usus est.

44 13, mm V. zd] corr. ex ¢z V. 15. =6 ] corr.
ex vo m. 1 F, 76 o. ‘mv} om. Bb. Seq. demonstr. alt., u.
app. Omeo é'&s:. Seiou] comp. Pb, om. BFV. Seq. lemmata.,
u. app. 19. 0¢ F. 2L élanovog b, comp. F. 22, peffore
P, corr. m. rec. 23. 7] corr. ex 76 m, 1 V, 25. mopol-
lnloygayow P. 26. AE, EB V, P m. rec.

7.
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AB quinvxdiov ©v0 AZB, xel 3P0 v AB ngog dpdag
1 EZ, xal énefevydocay of AZ, ZB.

Kol éxel [0vo] svBslaw dvigol sloww of AB, BT,
xal n AB vijs BI" yeifov ddvarar v axd aovuuéroov
favrij, té 0 revagro tob &wo vijg BI', tovriow té
and tijg nwoeleg avris, loov maga Ty AB magafé-
BAnrar mopaAinidygoappov éAAsimov &lde Tevoapwve
xal mwowsl 70 Um0 1oy AEB, dovuuergos &ou fotiv 4
AE vfj EB. xal éovw og v AE mpog EB, ovrag
70 vnd 1oy BA, AE mpdg ©6 vnd vév 4B, BE, loov
0% 70 piv Umo 1y BA, AE v and vijg AZ, 1o 0%
vmo tdv AB, BE g dnd vijg BZ* dedppcrgov doa
éovl ©o and vijg AZ v and tijg ZB' of AZ, ZB doe
dvvdpes eloly devpusroor. xel el § AB dnue) éorww,
¢nrov dgo fovl xel TO dmo Tig AB° dors xal TO .
avyxstusvoy éx tov dmd tév AZ, ZB ¢nrdév donw.
xal émel modow t0 vmd vdy AE, EB loov éorl T
and tiig EZ, vndxearen 0% 16 vmd tdv AE, EB xal
T and vijs BA ileov, loy &ou éotlv 9 ZE tjj B4
durdij doa ) BI tijg ZE* dote %ol 10 Vo tdv AB,
BI' evpuctoov éot v¢p vmo tov 4B, EZ. uéoov O}
70 vnd trdv 4B, BI™ uéeov &eu xal ©6 vwd rédv AB,
EZ. ioov 0% ©o vmd vév AB, EZ v vmd vdy AZ,
ZB' péoov dga xal ©O vwo vov AZ, ZB. &0eliydy
0t xal gnTov ©0 evpxslusvov éx tdv am’ eVt TE-
TeAYBVOV.

1. AB] AEBb. ABZDP. 8. 8J0] om. P, post eddsice
ins. m. 2. «f] m. rec. P. 4. ovpuéreov FV, corr. m. 2.

5. 70 (zd V) 6% véragrov BFVD, corr. m. 2 BV (rerdere m.
rec. b). tzﬁc] rijs éddeoovog vije Theon (BF Vb). Tovtéo-

ww P. 76 Fb, corr. ex 0 m. 2 B. 6. foov] om. Fb,
m. 2 B. 7. mogalinidygappor] om. Fb, m. 2 B. ~ 8. 4E,

EBYV, m.rec. P. 9. moog tv EB V. 10. za»] (alt.) om. P.
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describatur  semicirculus

AZB, et ducatur ad 4B

perpendicularis EZ, et du-
4 £E T cantur A4Z, ZB.

et quoniam 4B, BI" inaequales sunt rectae, et

AB? excedit BI™® quadrato rectae sibi incommensu-
rabilis, et quartae parti quadrati BI"™, hoc est ($ BI")%,
aequale parallelogrammum rectae 4B adplicatum est
figura quadrata deficiens et efficit 4 E>X EB, AE et
E B incommensurabiles erunt [prop. XVIII]. est autem
AE:EB=BA><AE: AB>BE [u. p. 95 not.]; et
BA>< AE = AZ?, 4B >< BE = BZ? [u. lemma].
itaque 4Z® ZB? incommensurabilia sunt [prop. XI].
quare 4Z, ZB potentia incommensurabiles sunt. et
quoniam 4B rationalis est, etiam .4B® rationale est.
itaque summa quadratorum 4Z%- ZB? rationale est
[1,47]. et quoniam rursus 4 E>< EB==EZ?[u.lemma],
et supposuimus, esse etiam AE >< EB = BA4*, erit
ZE=BJ4. itaque BI'=2 ZE. quare etiam 4B><BI’
et 4AB>< EZ commensurabilia sunt [prop. VI]. uerum
AB>< BI' medium est [prop. XXI]. itaque etiam
AB >< EZ medium est [prop. XXIIT coroll.]. uerum
AB <X EZ = AZ >< ZB [u. lemma). itaque etiam
AZ><ZB medium est. demonstrauimus autem, etiam
summam quadratorum earum rationalem esse.

Z

12. ZB P.  13. dostv P.  ZB] (prius) BZ FVb.  14.

éou BV, comp. Fb.  15. §nroy dea él:m’] mg. m. 1 F. 16

éori BV, comp. Fb, 19. B4] (alt.) in ras. m. 1 P.  20. z7s]

corr. ex =i m. 1V. 21, gopuezgoy] Simddeiov Theon (BFVb);

mg, m, 1: O 70 iy BI' Sumladlova elvar ziig Bd, iy 3%

B4 lony elvas tfj EZ pro scholio P. 16] tod Theon (BFV).
22. ABT BFb, et V, corr. m. 2. 28. 8¢] om. b.
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Elonyvrar g 0vo e0dsio Ovvdust aovuuergos
of AZ, ZB mowovear T utv Gupxeluevov éx TV om’
avtdy retpapmvey ¢nrév, 1o 0% V' adrov péeov:
Omep £0s Ocsibou.

10,

Edgeiy 8vo ev®elag dvvduer devpuérgovg
ToLoveag t0 piv evyxelucsvov éx THYV dn av-
TGV TETQapBVvOY pédov, td 8 VT avrdy fnriv.

"Exxel6dwoay 0vo péoar dvvaps uovov avuucrgor
of AB, BI' ¢nrov megiéyovoar ©6 On aivtdy, ©OTE
v AB tijg BT psifov dvvacdar td dmo dovpué-
Toov éavri], xol peyodedw éml Tijs AB 10 AAB
nuexvxdiov, xel tetutodw 7 BI 0iye nova 70 E, xal
nogafefiiodea mepe v AB v¢ dmd tijs BE loov
nepadinioygapuov éldsimov &lder Tevgaywve To VWO
tov AZB' dovupsrgos dow |[éotlv] § AZ vij ZB
uixse. xal ¥ dmwo vov Z vf) AB medg bedag
Z 4, nol énelevydwoav of Ad, 4B.

"Ensl aovuucrods éotww 1) AZ vy ZB, aevupcroov
doa éorl xal ©d Umo tv BA, AZ tj Umd vdv AB,
BZ. ieov 0% 16 pdv Uml vdv BA, AZ 1 amd Tijg
Ad, ©6 0 Vo vdv AB, BZ v¢ amd vijg 4B devu-
pergov &g Zotl xel ©o amd vig A4t amd thg AB.
xel émel péoov dorl vo amd viig AB, uéoov dea xal
10 ovpxelusvov éx tov and vov Ad, AB. nal émsl

1. noenvras FV, 3. ¢nrév b, corr. m. 1. &’ BVb.
an’ F. 4. Jeifor] edoeiv b, mg. m. 1: yo. deifar; in F
mg. m. 2: yo. evgeiv. 7. 6] corr.exwéy P. 8. 8¢ F.  11.
ovppétgov F, corr. m. 1. 15. éMsimor eldec tetgoydve] om.
b, m. 2 B.  170] motodv 6 V. 16. tév AZB] non liquet F.
AZ, ZB V. gipusteos @, et B, corr. m, 2, ~ leziv] om. P,
fotar 9. ZB] BZP. 18.Z4] 4Z e corr. m. 2 V. 4B]
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Ergo inuentae sunt duae rectae potentia incom-
mensurabiles 4Z, ZB, quae summam quadratorum
suorum rationalem efficiant, rectangulum autem me-
dium; quod erat demonstrandum.

XXXIV.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum mediam efficiant,
rectangulum autem rationale.

Ponantur duse mediae potentia tantum commen-
surabiles spatium rationale comprehendentes 4B, BI"

eius modi, ut 4B? exce-

dat BI'® quadrato rectae
‘ ' sibi incommensurabilis
4 z 5 £ 7 [prop. XXXI], et in 4B
describatur 4 4B semicirculus, et BI' in E in duas
partes aequales secetur, et rectae 4B quadrato B E® ae-
quale parallelogrammum adplicetur 4Z>< ZB figura
quadrata deficiens [VI, 28]. itaque 4Z, ZB longitu-
dine incommensurabiles sunt [prop. XVII]. et a Z ad
rectam 4B perpendicularis ducatur Z4, et ducantur
A4, 4B. :

quoniam A4Z, ZB incommensurabiles sunt, etiam
BA> AZ et AB>< BZ incommensurabilia sunt [prop.
XI). uverum BA>X AZ = A4* AB < BZ = 4B
[prop. XXXII lemma]. ergo A4.4% AB? incommensu-
rabilia sunt.

et quoniam' 4B? medium est, etiam A44°-+4 4B?
medium est [III, 31. I, 47].

corr, ex AT V. 19, ual énel V, émel ody m, rec. P. 23,
dovly P.  1ijc] (alt) om. P. T'Bb, corr. m. 1.  25. 4B]
in ras. V.

i
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dumdy éovwv 1) BI vijg AZ, dumddowov &ga xal ©o
vnd tov AB, BI tov vno vov AB, ZAd. ¢yrdv 6
©0 Umo vdv AB, BI' ¢nrdv doa xal ©o vmd tédv 4B,
Z4d. 16 0t vnd vov AB, Z4 igov té vmd tav Ad,
4B’ Gore xal 16 On6 roy AAd, AB fnrdyv deriv.

Edgnvrou dpo dv0 evdelar dvvdus, aovpuergor af
AAd, AB mowovear v0 [udv] ovyxsipsvov & tév an’
aTdy TeTgaywvey uidov, v 8 Um adrdv $nrov:
omep #0s delbau.

¢,

Edgelv 0vo svdelag dvvdper dovpuéroovg
TOLOVOAG TO T CUYXRELUEVOY % TAYV AT adTHV
tsrgaydvov pédov xal 1o U% avrev pédov xal
dv. dovppeToor TG CuyxELpive % THY an’ av-
TRV TETQUYBVO.

"Exxclododay 0vo péoar dvvdus udvov eduuergor
ol AB, BT péoov megiéyoveos, dove v AB vijg BI"
petfov Ovvaedar e amd dovpuérgov favri, xel ye-
yodgpdw éml vig AB nuuxvriiov v6 AAB, xal v
Aoume peyovitm voly éndve opolws.

Kal émel dovpuerpds dotww v AZ tfj ZB s,
a6vuucteds ot xal n AA vij AB dvvduer. xel dwel
uéoov otl 6 dnd tijg AB, péoov dea xel TO Guyxsl-
pevov éx tov amd tov AAd, AB. nel émel v Omod

1. 8unli) demlaciov Theon (BF VD). 2. -rov] e corr. F.
Post Z4 add. dots el cvppereoy V, B m. 2. . Post BI"
add. Theon: dmaxsizor yde (ovrews add. V) (BFVb) 4. 4]
corr. in BZ m. 2 F, corr. ex BZ m. rec. b. zo]mBF o
ot zé b.  1d] 76 BFb. 7édv] om. Ph. 6. n'vgnwm Vh.
evppeteor P, corr. m. 1, 7. péy] om. P. 8. tezpdyavor
FetV, sed coor, 88 F. 9. 3nsg &0 deifes] comp. P,
om, BFVb. 10. 1’ F, corr. m. 1.  13. 7etedymwor b, etF
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et quoniam BI'==2 4Z, erit etiam AB><BI=
2 AB><Z 4. verum 4B >< BI rationale est. itaque
etiam 4B >< Z A rationale est [prop. VI;def. 4]. uerum
AB>Z A= A4> 4B [prop. XXXII lemma]. quare
etiam 4.4>< 4B rationale est.

Ergo inuentae sunt duae rectae potentia incommen-
surabiles 4.4, 4B, quae summam quadratorum suorum
mediam efficiant, rectangulum autem rationale; quod
erat demonstrandum.

XXXV.

Inuenire duas rectas potentia incommensurabiles,
quae et summam quadratorum suorum mediam effi-
ciant et rectangulum medium et simul summae quadra-
torum incommensurabile.

Ponantur duae mediae potentia tantum commen-
surabiles 4B, BI' medium comprehendentes eius modi,
ut 4B*® excedat BI”? quadrato rectae sibi incommen-
surabilis [prop. XXXII}, et in 4B semicirculus descri-
batur 44B, et reliqua fiant, sicut supra.

et quoniam AZ,

4 ZB longitudine in-
commensurabiles sunt,
r etiam 44, 4B po-

4 ZB & .

tentia incommensura-
biles sunt [prop. XI]. et quoniam .4 B* medium est, etiam
A4? 4+ 4B? medium est [prop. XXIII coroll]. et

sed corr. 17. BI'] (alt.) I'b. 18. ovppéreov b et F, corr. m. 1.
19. A4B] corr. ex AI'Bm. 1 b, AB4 o. 20. yeyovérm)]

supra acr. F.  Zmdve slenpévog V. opolmg] om. Fb, m, 2
BV. 21, éze/] om. B, corr. m. 2, otiv | supra m. 1 P.
ZB] BZ B.  22. {ou] doe dovi F, douv B.
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t6v AZ, ZB loov otl 16 ap’ éxarégus tdv BE, AZ,
len dgo dotlv 1) BE tjj AZ* dumdij oo v BI g
Z4 deove nal 10 vmo 1y AB, BI' dumideidy éare
100 vmd 1dv AB, ZA. péeov 0 16 vmd v AB,
BI™ uéoov dga xal 10 vmd tdv AB, ZAd. xal éeviv
loov t@ vmd tév A4, AB* péoov &ea xel TO VEO
tov AAd, AB. xal énsl dodpperpds éotiv % AB Ty
BI' uvne, ovupergos 08 n I'B 75j BE, devuustgog
doa xal 7, AB tfj BE wijxer @dore xal 10 amo tig
AB ¢ Um0 tév AB, BE dovpuergdy detiv. alde
6 pdv awd vijg AB ioa éotl e om0 v Ad, 4B,
v 0% vmd védv AB, BE icov éorl v0 Umd rdv AB,
Z 4, vovréer, 16 vmo tov Ad, 4B devpusrgov doo
dorl To ovpxcluevov € vdv dno tav Ad, 4B T
omd véw Ad, AB.

Ebgnvrar dga 0vo e0®elar of AA, AB Ovvdaust
aovupuETgoL moloveat T6 TE Gupxslusvov €x THY A
avrdy pdeov xal ©0 Ux’ adrdv poov xal Eri devpu-
HETEOV TH GUKELUEVE € TV on’ abTOY TETQpLVEY*
Omep &0er dsitau.

ig'.

Eev dvo ¢nral dvvdusr pdvov 6vupstgoc
6vvreddoLy, 1 0An &Aoyds éoriv, xodslodo O
éx dvo dvopdramy.

Svyxelodocay pop 0vVo gyral Svvdus puévov ovu-
petgor af AB, BI" Adym, 6vu 8in y§ AT &Aoydg éomuv.

1. AZ] 4Z b. =] v$ dné P, corr. m. rec. 3. 4Z
BFb. 4. 73] ©6 F, corr. ex 76 m, rec. P, mut. in t¢ m. 1 b,
70 9mé — b, deu uat] mg. m. 2B, 8. BI"] I'B¥. TB]
mut. in BI' V. 9. 4B] B4 e corr. m. 2 V, 6] ins. m.
2 F. 10. 7] corr. ex 7o F. evpusrgoy F, corr. m. 1. dpe
fotiv b, doa supra add. F. 1L éoriy P, wwg ins. m. 2 F.
12, ‘m] corr. exze m. 1 F. 138, 4Z B. vovtéomw P. 14,
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quoniam AZ >< ZB = BE®? = 427} erit BE = A4Z.
itaque BI'=2 Z 4. quare etiam 4AB><BI'=2 4B
>< ZA4. uverum 4AB>BI" medium est. itaque etiam
AB><Z 4 medium est. et AB><XZAJ=A44>< 4B
[prop. XXXII lemma]. itaque etiam 4.4 >< 4B me-
dium est. et quoniam 4B, BI' longitudine incommen-
surabiles sunt, et I'B, BE commensurabiles, etiam
AB, BE longitudine incommensurabiles sunt [prop.
X1I]. quare etiam 4 B? et 4B>< BE incommensura-
bilia sunt [prop. XXI lemma; prop. XI]. uerum A4 .42
+ 4B = A4B* [I, 47] ¢t AB><Z4 = AB><BE
= AAd>< 4B, itaque A44*+ AB? et A4>< 4B in-
commensurabilia sunt.

Ergo inuentae sunt duae rectae 4.4, 4B potentia
incommensurabiles, quae et summam quadratorum
suorum mediam efficiant et rectangulum medium et
simul summae quadratorum incommensurabile; quod
erat demonstrandum.

XXXVI.

Si duae rectae rationales potentia tantum commen-
surabiles componuntur, tota irrationalis est, uocetur
autem ex duobus nominibus.

\ | : Componantur enim duae
4 B T rectae rationales potentia tan-

vév] (prius) mut. in zfjg m. 1 b. 16. of 44, AB] om, V.

18. ety tetoaywvay V. pédov xel] mg. V.  uol
seq. ras. 1 litt. V, 70 84 Fb, 7o 8" B.  20. omee #der dsikon
comp. P, om. BFVb. Seq. dey 167 xeve cvvdecy ffddov
BFb, mg. V; et in mg. dvreddey doyeron mopadiivar nato
ovvdeay i (Ekfig V) dioyovs BFVb, 21, 1s’] mut. in 1¢' F.

28, dors BV, comp. Fb. uolsizex P. 26, 61n] om. FVDh,
m. 2 B. AB b, corr. m. 1,
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'Enel yag aovuuerpds éoriv 4 AB vfj BT pijxee:
dvvdusr pop udvov &lal evuusrgor @g 0% 7 AB mog
v BT, ottwg vo vmd tov ABI mpds ©6 amd g
BI', dovuuergov doe éovi ©6 vmo tév 4B, BI v

5 w0 tijg BI. adda ©d udv Umd tdv 4B, BI' evu-
uergdy €ote T0 dlg Umd tov AB, BI, 16 0% and tijg
BI" e¥uucvoc é6vi o dmd vov AB, BI™ of yap AB,
BI ¢nral slor Svvdues uovov GUuUETQOL” GOVUUETOOV
&ou dovl 1o dig vmo tvdv AB, BI volg and raov AB,BI".,

10 %ol evvdévre vo Olg vmo v AB, BI pera thv and
tav AB, BT, zovtéert 76 and vijg A, devppergov
dore T ovyxapéve éx vdv and trdv AB, BI. {¢nrov
0t 70 ovyxeluevov éx vov dnd rov 4B, BI™ dloyov
doo [éo7l] 10 amd wijg A dove xal ) A ddoydg

15 doTwv, xedesiodw 0% éx dvo dvoudramy' Omsp £0ec
dstEou.

Ag.

‘Eév 0v0 péoar dvvipsr pdvov evppergor
ovvrefdor ¢qrov megiéyovoar, 5§ 8Ay &ioydg

0 éoriv, xedelddw O éx dvo pédav medwTy.
"‘4‘2; Svyxeiodooay pag 0vo uéoar dvvdus udvov ovu-

tnc el pevgor af AB, BI' §nudv megiéyovear” Adym, dve 8Ay
% AT &hopds éovuv.

1. ovppergos P, corr. m. 1. 3, 9nd] ¢ in ras. in extr.

lin. F, ra'wl twiic . ABI'] 4B F; 4B, BI" e corr. V, m.
rec. P. ano wis BI'] seq. « eras. b, vmo tov AB, B F.
4. oxo zav] dmo zijgs F. BI']J om. F. 5. ¢md vijs] v=o
wdov ABF. 7. BI'] (prius) 4B F, sed corr.? «f — 8. ovp-
pi‘t()OVlJ om. Theon (BF¥Vb). 8, acvpusreov &oa 4otl vd] o
dou V, dove nal 6 BFb, 9. zois] dovpustedy dore toig F.
BI' dovppeteov dome BVD. 10, ovwredévr P et V, sed corr.;
ovvredév K, corr. m. 1 et 2. zov](alt) corr.exzoom.2F. 11.
AB] corr. ex AT’ V. zovtéomy P. 12 domw P. _ 13. &loyos
F, corr. m. 2. 14. f6t{] om. BFVb. 15. éorc PBYV, comp.
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tum commensurabiles 4B, BI. dico, totam AT ir-
rationalem esse.

nam quoniam 4B, BI" longitudine incommensura-
biles sunt (nam potentia tantum sunt commensura-
biles), et 4B:BI'= 4B >< BI': BI" [prop. XXI
lemma), etiam 4B><BI et BI™ incommensurabilia
sunt [prop. XI]. uverum 4B >< BI' et 2 AB>< BI'
commensurabilia sunt [prop. VI], et 4B%+ BI® BI™®
commensurabilia sunt (nam 4B, BI" rationales sunt
potentia tantum commensurabiles) [prop. XV]. itaque
2 AB >< BI' et AB? 4- BI® incommensurabilia sunt
[prop. XIII]. et componendo

2 AB><BI'4 AB?+ BI?®, hoc est 41" [I1, 4],
et 4B® 4 BI"™ incommensurabilia sunt [prop. XVI].
uerum A4 B?-4 BI™® rationale est. itaque A4I? irratio-
nale est [def. 4]. quare etiam A4I" irrationalis est
[def. 4], uocetur autem ex duobus nominibus; quod
erat demonstrandum.

XXXVIL

Si duae rectae mediae potentia tantum commen-
surabiles componuntur spatium rationale comprehen-
dentes, tota irrationalis est, nocetur autem ex duabus
mediis prima.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI" spatium rationale compre-
hendentes [prop. XXVII]. dico, totam AI irrationa-
lem esse.

Fb. Ante dmee schol. est, u. app. Omze &8s deifa] comp.
P, om. BFVb. 17 24 F. 19, ovwrs®aay BF.  20. éons
PBYV, comp. Fb. 21, svyreleleBosay b,  22. xal léyew F.
81x] post ras, 1 litt. P, om. Fb.
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‘Enmel yag devpuergds fovwv 1 AB v BI uijxs,
xal Ta émo tov AB, BI' dea dovpuctod éove T dlg
Vo tov AB, BI™ nal evvdévrl ta and rov AB, BI
pere 7od Olg Umo tdv AB, BI', dmep éorl 70 amod
ijg AT, devuuerodv doti 16 vwd tév AB, BI. gnrov
0% ©0 Ym0 tov AB, BI'* vmoxewvrow yag of AB, BT
oY mepiégovear’ Gloyov Ega to and vig A" &lopog
dga ) AT, nodslodw Ot éx dvo péowv mpaty" Onco
&0e dstkou.

iy

‘E¢v 0%¥o péoar dvvdpsr pdvov 6lpusroor
GvvTedB6L pdoov meguéyovear, § 64y Eiopdg
d0Tiv, xedeiodw O éx 0vo péewv deviigae

Zvynciodwday pap 0vo uioar dvvdus pévoy quu-
uergor af AB, BI' péoov megiégovoas” Adyw, 8t &Aoydg
dorw f AT

‘Exxeiodo pag éyry v AE, el 16 dnd vig A
igov mage v AE megefefiiedow 10 AZ midrog
mowovv iy AH. xel émel ©6 amd vijg AT loov éorl
Tolg t¢ amd tév AB, BI' xal 76 Olg Omoé rev AB,
BI', negefefiijodo 07 zolg and vov 4B, BI' maga
my AE loov ©6 E@ Aoumdv dpa 16 @Z Iloov dotl
1¢ Olg vmd 16y AB, BI. xal émsl péon éotlv éna-
tépa v AB, BI', uéea &ga éotl xal ta amd THv

1. z7] m. rec. P. AT b. 2. dome ¢ ] corr. ex fotom
m. 2 B. ] corr. ex 76 F. 8. #neel] om. Theon (BFVD).
ovvredévn P, doa 1 Theon (BFVD). ] o V. 4

dotiv P. 70 dmd] in ras. m. 1 P, 5. evppsevea F, sed. corr.
dotv P, BI'] posteains. F. {§nzov — 6. BI'] (prius) om.Fb,
m. 2 B. 6. ydo] m.2B, 0§ Fb, Bm. 1. «i] of dud tov b.
7. &loyos — 8. AT] mg. m. 1 P. 8. mgaty] seq. schol.,
u. app. omee £der deikon] comp. P, om, BFVb.,” 10. 18’ F.
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nam quoniam 4B, BI" longitudine incommensura-
biles sunt, etiam 4 B2-} BI' et 2 A B >< BI incommen-
4 g p surabilia sunt [cfr. p. 108,1s8q.]. et com-
[ t——t ponendo 4B% -+ BI'? 4+ 2 4B < BI,
hoc est A" [I1, 4], et 4B >< BI' incommensurabilia
sunt [prop. XVI]. uerum 4B >< BI rationale est; sup-
posuimus enim, 4B et BI spatium rationale compre-
hendere. itaque 4I? irrationale est. ergo AI irratio-
nalis est [def. 4], uocetur autem ex duabus mediis
prima; quod erat demonstrandum.

XXXVIIL

Si duae mediae potentia tantum commensurabiles
componuntur medium comprehendentes, tota irratio-
nalis est, uvocetur autem ex duabus mediis secunda.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI’ medium comprehendentes
[prop. XXVIII]. dico, AI" irrationalem esse.

B ponatur enim ra-

A | ir tionalis 4E, et qua-

4 ' o H drato A4I? aequale

rectae 4E adplicetur

AZ latitudinem effi-
E Z ciens 4H [I, 44].

quoniam AI' = AB%*+ BI'* 4 2 A4B>< BI' [11, 4],

12, ovvre®doww PF. 13, éou BV, comp, Fb.  17. yde]
om. FVb, m. 2 B. 7] corr. ex « V. 765 corr. €x 7o m.
2 P. 21 Post BI' add. Theon: v % dmo wjg AI" igov deti
% AZ, xal w0 AZ deu lcov fotl 7ois (1e add. V) anod Taw
4B, BT xel 6 dlg VWO THY AB, BI' (BVbD, P mg. m. 1).

67) waea vy AE V. moQ -mv 4E] om. ¥ 22. {67/
m. 2 F. 24. péon B, corr. m. 2. dor{) m. 2 V.
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AB, BI. péoov 0% Umixeitrar xal ©o dlg vmO TV
AB, BI. xal 6t voig pdr and tov AB, BI' icov
0 E@®, td 0t dlg Umé védv AB, BI" icov 16 Z2O-
uéoov Goo éxdregov tov E®, @Z. xal mage yriv
iy AE moagaxevar nvy &pe ovly éxaripe THv
460, OH xal devppctgos tj AE pijxe.  émsl ovw
aovuperpds éotiv | AB v BI' pijxer, xnol éotvv ag
9 AB mgog vy BI', otrmg 6 amd viig AB mpog o
vmo rév AB, BI', aevpuetgov dpa Zotl 1o dmd Tijg
AB 1t Um6 tév AB, BI. aida v udv amd wijg
AB ovpucrody €otL 16 Ovpxelpevov éx TV amd TdY
AB, BI' vevpayovev, té 8t vno tév AB, BI' ovu-
pereov éote To Olg vmd twv AB, BI. devuustpov oo
dotl 0 ouynelusvov éx TV dmd vov AB, BI' 16 dlg
vwd vév AB, BI. dAda voig putv axd tov AB, BI
loov éotl 10 E@, 16 0t dlg vmd vdv AB, BI' loov
dotl ©0 OZ. dovupsroov Goa éotl vo E@ v OZ-
oore xal § A0 vij OH fovwv dovppsrpog wixs. af
40, OH doa ¢nval elor dvvapst povov olppcvgor.
wore 7 AH ddoydg éovwv. gnywy 0k 9§ AE* vo 8% vmo
aloyov xel ¢nriig megueyomevov Spdoywviov &Aoydy
dotiv: &Aoyov dga fotl 160 AZ ywelov, xal § dvve-
uévy [avro] dAoyds ferwv. Ovwarar 0k 0 AZ 1) AT

1. »el] om. BFb; 16 976 zd» (om. Fb) 4B, BI. uécov
éotx Bb, postea ins. F; xeluevoyv: 76 8lg vmo rwv AB, BTI.
uéoov doa mg. m. rec. B,  9mo zay] spat. nac. ¥, 3. 28]
corr. ex OZ V. 5. magdnevrar V.. 6. émel odv] nal dmel
Theon (BFVD). 7. el — 9. BI‘% om. Theon (BFVb). 9.
«avpuetgor — 10. BI'] punctis del, V. 9. doa] om. FVb,
m. rec. B.  dotiv P.” d=no zije AB i3] cvynelusvoy én v
dno 1oy AB, BI' ©¢ 8l Theon (BFVb).,  10. dild — 16.
AB, BT (prius)] om. Theon (BFVb). In mg. xaf éerew lin. 7

— 4B, BT lin. 15 addito zefuevov et signis >< I, ad locum
suum relat. V (lin. 10 axd pro vwé), eadem B mg. m. 2, nisi
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rectae 4 E adplicetur E® quadratis 4B® 4 BI™® ae-
quale. itaque reliquum ®Z =2 4B>< BI'. et quoniam
media est utraque 4B, BI, etiam AB%-4 BI® media
sunt. supposuimus autem, etiam 2 4B >< BI' me-
dium esse. et E® = AR 4 BI?, ZO® =2 AB>< BI.
itaque utrumque E®, @Z medium est. et rationali
A4 E adplicata sunt. itaque utraque 4@, @ H rationalis
est et rectae 4 E longitudine incommensurabilis [prop.
XXII). iam quoniam 4B, BI longitudine incommen-
surabiles sunt, et 4B:BI'= A4B%: AB><BI [prop.
XXI lemma], 4B? et 4B><BI' incommensurabilia
sunt [prop. XI]. uerum 4B? et 4B®+4 BI"™ commen-
surabilia sunt [prop. XV], et 4B><BI, 2 4B><BI'
commensurabilia sunt [prop. VI]. itaque 4B?<4 BI™?
et 2 4B>< BI' incommensurabilia sunt [prop. XIII}.
uerum E® = AB*+ BI'®, ®Z = 2 AB>< BI. itaque
E®, ®Z incommensurabilia sunt. quare etiam 46,
@ H longitudine incommensurabiles sunt [VI, 1; prop.
XI]. ergo 4@, ®H rationales sunt potentia tantum
commensurabiles. quare 4 H irrationalis est [prop.
XXXVI]. uerum A E rationalis est. rectangulum autem
recta irrationali et rationali comprehensum irrationale
est [prop. XX]. quare spatium AZ irrationale est, et
recta ei aequalis quadrata irrationalis est [def 4].
uerum AI=AZ. ergo AT irrationalis est; uocetur

quod om. ¢nd lin. 14 — AB, BT lin. 15 et del, devpusroov

lin 18 — éx 7év lin. 14. 17. ®Z] hut. in Z6 V, 26 BFb.
doriv P. ©Z] Z® Bb. 18. dovppereos for V.  pijuet]

om. Fb, m. 2 B. Deinde add. #8sly@noav 8% dyrel V, m.

2 B. 19. ¢loev PB.  20. 4ot BV, comp. Fb. 22. dozlv P.
nai] Gove el V. 23, adro] om. P. ezt PBV, comp. Fb,
8 7 AZ 6 AT dea &loyds éotuv F.

Euclides, edd. Heiberg et Menge. III. 8
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dioyog Goa éovlv ) AT, xelsioBw 0 éx 0vo uéoww
dsvrépa. Omegp &0er_ Beifar.

T4,
'‘Eav 0vo evdeias dvvdpst aovupsrpoL ovv-
5 T6906L moLoDOaL TO WiV CUYXELUEVOV €% TOY
an’ avt@v reTgayevev ¢nrév, 1o 8 vx adrev
uédov, 7 6An evdsla &Aoydg éotiv, nadelodem O}
7 uslfov.
Zvyxslodwoay yag 0vo evdsiar dvvaus, aovupes-
10 zgor af AB, BI' moiot6ar te mpoxeiusve’ Afyw, Ot
ahoyés detwv 7 AT
’Ensl yoo 16 Umd rov AB, BI' uéoov doriv, xal
10 0lg [épa] Umd tdv AB, BI uéeov fotiv. 70 O}
ovyxelpsvov éx tév amo v AB, BI fnudv: aevu-
15 pergov dpa éorl to Olg vmd tov AB, BI 16 euy-
xeuéveo éx tov axd 1oy AB, BI" dove xal ta and
tov AB, BI' uere tov dlg vmwo vdv AB, BI', Gmeg
dorl ©o amd tijg AT, dovpueroov éot v ovyxeuéve
éx tov amd tov AB, BI' [¢nrov 0% 10 ovyxelusvov
20 &x twv and tdv AB, BI'|" &hoyov dga éotl Td amd
tiis AT. dove xal ) AT dioydg dorv, xadeledo 0}
uweltwv. Omsp &e detbou.
w.
’Edv 0vo svdéelal Ovvdusr a6vppergor 6vv-
25 TeD0GOL WoLODGAL TO Wdv GUYXRELUEVOV % TAOV
én’ adrdv rergaydvev pieov, 1o & Va’ «irév

2, dwreoa] seq schol., u. app. omeg £dst deifon] com
P, om. BFVDL. 3. 18] om. b, w F. 4. cvvredaoww PB
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autem ex duabus mediis secunda. quod erat demon-
strandum.

XXXIX.

Si duae rectae potentia incommensurabiles com-

ponuntur, quae summam quadratorum suorum ratio-
nalem efficiant, rectangulum autem medium, tota recta
irrationalis est, uocetur autem maior.
—_— Componantur enim duae rectae
4 B I potentiaincommensurabiles 4B, BT,
quae proposita efficiant [prop. XXXIII]. dico, AT ir-
rationalem esse.

nam quoniam 4B >< BI'medium est, etiam 2 AB><BI"
medium est [prop. VI, XXIII coroll.]. est autem .4B?
~+ BI'® rationale. itaque 2 AB><BI" et 4B*+ BI™®
incommensurabilia sunt [def. 4]. quare etiam .4 B® 4
BI?4+ 2 AB><BT, hoc est A" [II, 4], et 4B*+ BI®
incommensurabilia sunt [prop. XVI]. ergo AT irra-
tionale est; quare etiam A I irrationalis est [def. 4];
uocetur autem maior. quod erat demonstrandum.

XL.

Si duae rectae potentia incommensurabiles compo-
nuntur, quae summam quadratorum suorum mediam
efficiant, rectangulum autem rationale, tota recta irra-

5. uév)'ze V. 6. zetedymvov b. 6 8¢ BF, 8tz b, 1.
éote V, comp. Fbh. 12, oz PBV, comp. Fb. 13. é&oc]
om. P. {oz{ PBV, comp. Fb. 16. ] z¢ B. 18, Z¢zlv P.

gvupsteoy b, corr, m. rec. domy P. 19, §yrov — 20.
BI'] om. P. 20. &loyog F, corr. m. 1. 21, éore PBYV,
comp. Fb.  22. peffwr] seq. schol, u. app. omse £dsr deikou]
om, BFb, comp. P. 23. ue’ F. 24, cvvreddav BF. 26.
d0é F.

8*
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onTdy, 7§ 04y evdela EAoydg éaviv, xedelodo OF
M'/ (Sm:ov umﬁyvayéun
Evyxalﬂﬁcoda'u yap 0Vo svdsiar dvvaper aavmurpoz
"L of AB, BI' moiotoar ta mooxslusva’ Aéyw, 0t &Aoyds
5 éotww 1 AL

’Emel yeg 1o ovpxelpevov éx twv and rév AB, BI

uéeov foviv, 1o 0} dlg Umd 1Gv AB, BI ¢nrov, devy-

perpov dpe éotl T0 ovyxelusvov éx TV amd tdv AB,

BI' 1 dlg vmd wév AB, BI'* dore xal £0 amo i

10 AT aovppsredy ot 16 dlg md tév AB, BI. ¢yrov

0 to dlg Um0 v AB, BI™ &Aoyov &pe v0 amd vijg

AT. éhoyog dpa 1 AT, xakeloBo 0t §nTov xal pé-
gov dvvauévy. Omeso £0& deifa.

pet.

16 Eav 0Yo s0delar dvvdpst aovupsroor ovv-
TEDBOL moLovGaL TO Te Gvyxelusvoy éx TdY ax
adToOV TETQeyBveY uédov xal To VX adrdv pé-
Gov xal T GOVUUETQOY TG CvyxELuéVD éx THY
ax avtdv tereayoveov, 1 0An sVdsla &Aoydg

sl 2 20 d0Tiv, xadelodw O dvo péoe Jvvayiuy

¢1¥ Lt Zvyxelodacoy yapTo svdsior Svvdust aavmw-
100t of AB, BI mowovoar ta mgoxsiueve: Aéywm, Ote
1 AT &loydg éomv.

‘Exxelodo $qvy 0 AE, xel megafsfiiefo mape

1. énzdv, 7] in ras. V.  dowi BV, comp. Fb.  xaleiven P,

3. ydg] supra scr. m. 1 b, 4. u[] supra m. 1 P.  mgoo-
xelpeva F, sed corr. 5. 4B, corr. m. rec., P. 6. vmo F,
corr. m. 2. 7. uéaov%uéc- in ras. V. £atl PBVb, comp. F
8/¢] supra scr. m. 1 $nvév] corr. ex pécov m. 2 V. V-
pereov B, corr. m. rec. 8, Zozww P. 10, v — BI'] bis b,
mg. m, 1 P. Post xef add. evs®évze Theon (BFVY), P m.
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tionalis est, uocetur autem spatio rationali et medio

aequalis quadrata.

-4 Componantur enim duae rectae potentia incom-
mensurabiles, quae proposita efficiant, 4B, BI'
[prop. XXXIV]. dico, A I irrationalem esse.

ig nam quoniam 4B! 4 BI'® medium est, 2 4B
>< BI autem rationale, 4B*+4 BI® et 2 4B><BI'

+I' incommensurabilia sunt. quare etiam AI? et

2 AB><BI incommensurabilia sunt [prop. XVI]. uerum

2 AB><BTI rationale est. itaque AI' irrationale est.

quare A4 I irrationalis est [def. 4]; uocetur autem spatio

rationali et medio aequalis quadrata. quod erat demen-
strandum.
XLL

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum mediam
efficiant, et rectangulum medium et simul summae
quadratorum incommensurabile, tota recta irrationalis
est, uocetur autem duobus spatiis mediis aequalis
quadrata.

Componantur enim duae rectae potentia incommen-
surabiles 4B, BI', quae proposita efficiant [prop.
XXXV]. dico, A4 irrationalem esse.

ponatur rationalis JE, et rectae JE quadratis

rec. 12. dloyog — AI']l mg. m. 1 P. 13. dvvapivn] seq.
scbol., u, app.  Omse €8t Seitar] om. BFb, comp. P.~ 14,
pe’] mut. in pf’ m. 2 F. 15. ovvre®gGow PBF.  17. xal
t6 vx’ adrey pégov] supra scr. m. 2 V. 19. zergaydvor
PV. 7] m 2F 20 éors PBV, comp. Fb.  22. za mgo-
xelpeve] 70 te ovynelusvoy éx tev dmo tev AB, BI péoov sl
70 vmd toy AB, BT péoov xal fru dovppsroov o ovyxepéve
éx Ty and vav 4B, BT tsrgaywvoy Theon (BF Vb, rergaydvm

FVb).
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v AE volg pv dnd vdv AB, BI' loov ©6 A4Z, t6
0% dlg vmo rov AB, BI loov v6o H@®' Glov dgo o
40 lgov éorl ¢ dmo tig AT vevpaydve. xal émel
uéoov éderl vo evyxelusvov éx tav dmd vév AB, BT,

6 xol éovww loov v¢ AZ, uésov Goo éovi xai o AZ.
xoal mapa ¢nryy v AE magdxevars §nvy doa éotly
1 AH xal a6duusvoog tij AE pijxer. dia ve avre Oy
xel § HK §nor) éove xal aedupstpog vij HZ, vovr-
dors 1] AE, prins. xel énel dovpusred fove va dwd

10 tév AB, BI" 76 dlg vno vév 4B, BI', aovppstooy
dove v0 AZ v HO" Beve xal 1 AH v} HK aovppue-
1edg éotww. mol slov dnral of 4H, HK &ga dnral
slov dvvduer pdvov odupsrgor’ &lopog dpa Zoriv 4
AK 3 noedovuivy éx 0vo Svoudrev. gnry 0% n AE

16 &Aopov dga é6tl O 4O nal 7 Svvepdvy avrd &Aoydg
dotw. Ovvarar 0% to @4 1) A &Aopog &oa fativ 7
AT, xelsioBeo 0 0v0 péda dvvaudvy. Omep E0a
dsikae.

Aqpype.

20 Ou 0% af elonuévar aloyor povaydg Oiatgovvro
el T&g evdelug, & dv Vyxewrar moovEGY TE TQO-
xelpeva &ldn, 'delbouev 707 moosxdéusvor Aquuariov
ToLoLTOY"

Exxslo®o esvdcic 1 AB xal teruodw % 0Ay &l

95 dvice xe® éExdvegov tav Iy, 4, vmoxelodw 0t psitov

1. 4dE] corr. ex 44 m. 2 P. 3. 84 P. 6. 4E] corr.

ex dm.rec. B. 7. &id — 9. wines] mg. m. 2 F. 8, donwv B.
tovreouy B. 9. dodpuerody ot 6 BV. 10, 16 — BT

mg. m. 1 P (zé corr. ex vé m. rec.). 11, &ox oz P. AH1
H4 b, 12. dor VDb, comp. F m. 2. elowy B.  Post «i
del. 8 F. @&ea]l m. 2 F. 13. eloev P.  14. 4K] K e corr.

m. 1b 16 dore V,comp. bet m. 2F. @&J]inras Vb,
48 corr. ex 4dH m, 2 B. % A'l m. 2 B, doa] yoe B.
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A B? + BI? aequale adplicetur 4Z, rectangulo autem
2 AB>< BT aequale HO®. itaque 4@ = ATI" [II, 4].

e & et quoniam AB?-1 BI? medium est et
= AZ, etiam 4Z medium est. et rectae
H Z rationali 4 E adplicatum est. itaque 4H

rationalis est et rectae 4E longitudine
incommensurabilis [prop. XXII]. eadem

4 £ de causa etiam HK rationalis est et rectae
. . HZ, hoc est 4E, longitudine incommen-
4 B surabilis. et quoniam 4B® - BI™” et
2 AB >< BI incommensurabilia sunt, 4Z et H® in-
commensurabilia sunt. quare etiam 4 H, HK incommen-
surabiles sunt [VI, 1; prop. XI]. et sunt rationales;
itaque 4 H, HK rationales sunt potentia tantam com-
mensurabiles. ergo 4K irrationalis est, ex duobus no-
minibus quae uocatur [prop. XXXVI]. 4 E autem ratio-
nalis est. itaque 4@ irrationale est, et recta ei aequalis
quadrata irrationalis [def 4]. est autem AI? = 4@,
ergo AT irrationalis est; uocetur autem duobus spatiis
mediis aequalis quadrata. quod erat demoustrandum.

Lemma.
Rectas autem irrationales, quas nominauimus, uno
tantum modo in rectas diuidi, ex quibus compositae
|—————— sint proposita efficientibus, demonstra-
A4 J4ET . . . .
bimus huiusmodi lemmate praemisso.

17. dvvapévn) seq. schol., u. app. ome éder Seifou] om.
BFVb. 19. ijuuc] om. BV, m. rec. P. 20, 6ze] ze V. 21,
moooxelusve F, corr. m. 2. 22. weoféusvo P, nooceuﬂguswot
B et F, sed corr. 24, Ante edfeiw ras. 8 litt. V. 9 oln’]
8in FVb, 25, xal nad’ F, éxdrege BV,  vmoxelofo 0
xal vmonslofw P. : .
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% AT vijg AB* Aéyw, 6vi ve amd tév AT, I'B pei-
fove dove tév amo twv Ad, AB.
Terprjedo yep 1 AB 8lye xara 2o E. xol énmel
uelov éotlv 5 AT zijg 4B, xown dpneiede 7§ AI'
5 Aoumy) dpa 1) AA Aowxfig tiig I'B pellov éotlv. ioy
0t § AE vij EB* {idrvov bpa ) AE viig EI ve
I, 4 &pu anpste ovx loov dméyover tig duyotoulag.
xol énel 1o Vw0 vov AT, I'B psra tov amd vijg EI
loov éotl ve amd tijg EB, dide pqy xel to vmo tov
10 A4, AB pere vov axd AE leov éotl to dmd tig
EB, 1o dgo vmd védv AT, I'B psra tot émo wijg EI
foov dotl v¢ Vmd tav Ad, 4B pera vov dmd vig
AE' &v to énd tiis AE EAecddy fav. Tob dmod tig
EI" xal Aouwdv &ge vo vwo tov AL, I'B fiecadv
15 0T Tob Vwo 1év Ady, AB. dore xal 1o dlg VWO TOW
AT, I'B éacady ot tod dlg ¥md vév Ad, AB. xal
Aoumdv dpa vo ovyxsipsvov éx tiv amo tov AT, I'B
peltov daty Tov euyxsudvov éx tov dnd tov A4, AB
omep &e detfa.

20 uf.
‘H éx dv0 dvopdrav xare v udvov anpelov
diarpelrar &lg Ta dvopara
"Eorw éx 0vo dvoudrov n AB dupenuévy s ta
ovduare xave ©0 I af AT, I'B dpa $yral elor dvvd-
256 p&L povov ovpuergol. Afym, 0te 1) AB et &ido en-
pelov 0¥ dimpelrar &ls Ovo ¢nrag dvvdus. udvov
ovpuéreovs.

2, A4] AT corr. in 4B m. rec. b. 4. Post xowr del.
8¢ V. ATl AT Y, AT »ai P, 6. $ldocov P, &ou dariv P.
7.4, TP, 9 pip] om. P. 10. z5ig JE V. 1] 70 b.
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Ponatur recta 4B et tota in I', 4 in partes in-
aequales secetur, et supponatur AI' > 4 B. dico, esse
AI* 4 I'B* > 44 + 4B°. nam AB in duas partes
aequales secetur in E. et quoniam AI'> 4B, sub-
trahatur, quae communis est, I itaque relinquitur
Ad>TB. uerum 4E=EB. itaque 4E < ETI. itaque
puncta I', 4 a puncto medio aequaliter non distant.
et quoniam AI'><I'B -+ EI* = EB?® [II, 5], et
AAd>}X 4B+ 4E? = EB?® [id.], erit A><XI'B+ EI'
= A 4> 4B+ 4E:. quorum 4E*<EI™ itaque re-
liquum AI'><I'B < A4 4><4B. quare etiam 2 AI"'><I'B
< 244> 4B, ergo etiam reliquum') 4I* | I'B?
> AA4*+ 4B% quod erat demonstrandum.

XLIL

Recta ex duobus nominibus in uno tantum puncto
in nomina diuiditur. .

Ex duobus nominibus sit 4B in puncto I' in no-
mina diuisa. itaque AT, I'B rationales sunt potentia
tantum commensurabiles [prop. XXXVI]. dico, 4B in
nullo alio puncto in duas rationales potentia tantum
commensurabiles diuidi.

1) Nam
AT+ B '+ 2 AT ><T'B=AB'= A+ dB'4-244><4B
i, 4).

11. I'B] in ras. F. 12, zijg] postea ins. F. 18. v — JE]
om F. f#lacor V. dow] om. V. 14 flarzor BVD, comp.
F (in B supra scr. peifov m. rec., sed del) item lin. 16.  16.
xal] supra scr. F. 18. dmd] corr. ex vwé m. 2 V. 19.
Ante dmep add. siweg ovvappirsea loa fotl s (zdv b) dwo
tiig AB Theon (BFVb), m. rec. P. 21. xa®’ b. 24, nord]
supra scr. m. 1 P, elaiv PBF.
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El pop dvvardv, dipericdw xel xare v6 4, wors
xal tag AA, AB ¢qrag slvar dvvdper pdvov ovpué-
Toovs. @aveedv d1j, O0ve §) AT ©ij AB odx &6rv v
atry). & yag Odvvardy, fovw. &ovon O xal § A TR
I'B 7 avry® xel Eovaw oog ) AT mpdg vy I'B, otres
1 Bd medg viv A4A, nal éovar ) AB xata ©O avrd
vjj xeve vo I' Ouowgéose Siavgedeion xel xave ©d A-
Smeg ovy Uméxertar. ovx dga § AT v AB éorwv 7
ovr. Oue O tovro xel ve I, 4 enusia ovx [gov
anéyovar vijs diyoroplug. o oo diepios Ta dwod TGV
AT, I'B ©év dnd tév AAd, AB, totre diepips xal
70 dlg Umd tov Ad, 4B vov dlg vwd rov A, I'B
Oue 70 xed va ano vy AL, I'B peve vod 8lg Omd rdv
AT, I'B xal ve and tov Ad, 4B peve 1ot dlg Umo
tov A, 4B loe elvor v and viig AB. dAke Te dmod
tov AT, I'B vév dmo vév A4, AB Siapéper ¢nre:
onre pag auporegpe: xol To dlg doo Vwd 1y Ad, 4B
rov dlg twd vév AT, I'B duegéoer §nré péoe Svre
Omeg Gromov: pédov yeg uéoov ovy vmepéyel ¢nre.

Ovx Gga 7 éx 0vo dvoudrav xar &lio xel &Ado
enuslov Oiapsirar xa® &v doa pdvov: Omsp Edse
dsita.

wy

‘H éx 8vo péowv mowrn xa®d &v pudvov og-
petov Oracpsitar.

1, Sugelofo V.  nal xord] vare BFVb., 3. 4B] B4
ecorrr m. 2 V., 4, 87] corr.exdé V. Ad] corr.ex ATV,

5. I'B] mut. in BI' mcn—6 foton] m. 2 B. 6.
mvl om, Fb' 1] g 1] b (corr), ag supra scr. m. 1 F.
avtd] av- e corr. V; aveo tpiue P, tuijue supra scr. m.
2 V. 7. tfj ward] m. rec. P. Post %/ add. zjj supra m.

1 V. 8 4B] 4B p. 10. dxégovary B.  10v Syoroplov P,
corr. m. rec. @] g 9. 12. AT, 'BP. 7o%] corr. ex ov
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Nam, si fieri potest, in 4 diuidatur ita, ut
etiam A4, 4B rationales sint potentia tantum
commensurabiles. manifestum est igitur, AI" et
4B easdem non esse. sint enim, si fieri potest.
itaque etiam 44 et I'B eaedem erunt. et erit
L AT:T'B=BAd:44, et AB etiam in 4 eodem
modo ac in I" diuisa erit, id quod contra hypo-
thesim est. quare AI', 4B eaedem non sunt.
ea de causa I', 4 puncta a medio puncto
aequaliter non distant [cfr. lemma]. gquo igitur
A 4+ I'B® ab A4 +4- AB? differt [u. lemma], eo
etiam 244 >< 4B a 2 A >< I'B differt, quia AI"
+I'B*+2A4A<XI'B=AB =AML 4 AB*+2 44
>< 4B [11, 4). uerum AI? 4 I'B? ab A 4* 4 A4B*
spatio rationali differt; nam utrumque rationale est.
itaque etiam 2 A4 >< 4B a 2 AI'>< I'B spatio ratio-
nali differt, quamquam media sunt [prop. XXI]; quod
absurdum est; nam spatiom medium non excedit me-
dium spatio rationali [prop. XXVI].

Ergo recta ex duobus nominibus non diuiditur in
punctis diversis; itaque in uno tantum diuiditur; quod
erat demonstrandum.

~B

XLIII.

Recta ex duabus mediis prima in uno tantum
puncto diuiditur.

m. rec. P. tév] om. P. AT, I'B] Ad, 4B P. 16, 4B]
supra scr. 4 b, 16. Post I'B ras. magna V. zds] corr. ex
o b. 17, doa] supraser.m.2F. A44B P, corr. m. rec, 18,
ATB Pb, corr. m. rec. 19, omee dromoy] om. Theon (BF Vb).
oo] &8¢ Theon (BFVb), 21, diggeirar P, corr. m. rec.
onee &3z deifon] comp. P, om. BFVb.  26. Suegeizar &lg
ta évdpare Theon (BFVD).
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"Eotw éx 0vo uéowv moary 7 AB duponuévy xare
10 I'y dote vag ATy, I'B péoas slvar Svvdper pdvov
ovupérpovy ¢nrdv mepueyovoes’ Ay, 8v v AB xar
&ilo onusiov o¥ dagelror.

El yap dvvardv, duperiadeo xal xave 10 A, dors
nal tag Ad, AB péoog evar Svvdust povov ovupé-
roovg nrov megLeyovoag. éxel otw, & Siapépst To dlg
vn0 oy Ad, AB vov dlg vmd tév AT, I'B, rovre
diapépss ve and vév AT, I'B tév ano tév Ad, 4B,
¢nred 0t diapéps ©O Olg Vmo tdv Ad, 4B Tov dlg
1m0 tév AT, I'B* ¢nre pag dupirepe: ¢nre &oo
diapéper xal ta and tov AT, I'B tév and tov Ad,
4B péda dvre Omep &vomov.

Ovx dpa 9 éx 0vo péowv mpary xat &Ado xal
&AAdo onusiov Jiavgelrar &lg te dvduata xad fv doa
povov: omep #0e Osifos.

pd’.

‘H éx dvo péeov dsvréga xad Fv pdvov ay-
petov Oratpelral,

"Eote éx 0vo péewv dsvtépe 1) AB diponpévy xata
10 I, dors vag AT, I'B péoag slvar dvvause udvov
ovuuéreovg péooy mepiEyovong” Qavsgoy 04, ott 1o I'
odx &oTi xat g Ouyotoulug, Ste ovx slol wijxsl GVu-
pergor. Aéyw, 8t. ) AB xat &Ado anusiov od Odou-
psiTat.

El yag Ovvardyv, Oiuneriede xal xare 1o A, @ove

1. 5} AB] supra scr. F, corr. ex % 44 m.rec. P. 4. od]
om. b, 5. xa{] om. Fb. 9. 6% dmdé] in ras. m. 1 P.  10.
AdB] supra ser. m. 1 F. 13, Post fvre add. pécoy pégov
omegéyee ﬁmqﬁ 9. 16, 3meg £3s¢ 8eikou] comp. P, om. BF Vb,

17. pdé’] mut. in pe’ F. 19. Siupeitan sly Ta dvdpara
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Sit 4B ex duabus mediis prima in I ita diuisa,
ut AI', I'B mediae sint potentia tantum commensura-
\ —_— , biles spatium rationale com-
4 4 T B prehendentes [prop. XXX VII].
dico, 4B in nullo alio puncto diuidi.

nam, si fieri potest, in 4 ita diuidatur, ut etiam
Ad, 4B mediae sint potentia tantum commensura-
biles spatium rationale comprehendentes. iam quo-
niam, quo differt 2 44 >< 4B a 2 AI'>< I'B, eo differt
AI'® 4 I'B® ab 4 4* 4 4B® [prop. XLI lemma], et
244> 4B a 2 AI' >< I'B spatio rationali differt
(nam utrumque rationale est), etiam AI'* 4 I'B® ab
AA® 4 4B? spatio rationali differt, quamquam media
sunt; quod absurdum est [prop. XXVI].

Ergo recta ex duabus mediis prima in nomina non
diuiditur in punctis diuersis; itaque in uno tantum
diniditur; quod erat demonstrandum. '

XLIV.

Recta ex duabus mediis secunda in uno tantum
puncto diniditur.

Sit 4B ex duabus mediis secunda in I' diuisa,
ita ut 4T, I'B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes [prop.
XXXVIII]. manifestum est igitur, I' punctum medium
non esse, quod longitudine commensurabiles non sunt.
dico, 4B in nullo alio puncto diuidi.

nam, si fieri potest, etiam in 4 diuidatur, ita ut

Theon (BFVb), 23, fomw B. v digoroplay V.  8u]
émerdrinee Theon (BFVD). eloly P]i 26. xel] om., Theon
(BFVb).
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v A t©fj 4B uy elvar iy avtqr, dlde pslfove
xa® UnéPeoww vy A djdov 07, Ove xel o dnd
v Ad, 4B, og éndvew sitapsy, éAacoove Tdv dno
v AL, 'B* xel vag A4, AB uéeag slvar dvvduse
ubvov evuuérpovs uiGov mepisyoveag. xal fxxel6dw
¢ney) v EZ, xel vé pdv amo vig AB loov mage v
EZ napaddnidypappov dpdoyamviov megefefinodo 1o
EK, volg 0} and zév A, I'B loov epponede o
EH' Aomdv dge ©d OK ldov éotl © dlg vmo todv
A, 'B. mdlw 07 tols amd vdv AA, 4B, dnco
éhacaova delydn vov amd vdv AL, I'B, loov apy-
0109w ©0 EA- xal Aowmdyv &oo to MK loov 1 dig
Um0 tov AAd, AB. xol émsl péea éotl va dmd oW
AL, I'B, péoov Gge (xel] t60 EH. xal mega ¢nriv
v EZ megdxsivar” ¢y doa éotlv 7| EO® xal dovu-
usrpog v} EZ wixec. dia va avra 07 xal 7 ON gnra
tott xal aovuperpog ) EZ wixer. xoal émel af AT,
I'B péoar slel dvvdper ubvov GUpueTgol, dovpuergog
dpe éotlv §) AT ©fj I'B wijne. ag 0% 5 AT meo3
my I'B, otrwg 10 amd tijg A mgdg ©0 vmwd tdw
AL, I'B* acbuustgov &ga éotl 10 amd i A v
vn0 vov AT, I'B.” alda t¢ pdv and vijg AT ovpps-
toe éove va amd tév AL, I'B° duvvdue yag &loe

1. AT} I'inras. . 2. xare¢ P.  dijloy 34, o] dnladn
Theon (BFVb); 6rc add. B m, 2. 3. AT, I'B pelfove taov
and tov Ad, 4B, ag éndveo 8sifoapey Theon (BFVD). 4. Ante
xal add. forw 04" V, et in mg. m. 1 "#idscova tév and AT,
I'B. 5. uele®o V, corr. m. 1. 6. ti3] corr. ex 76 V. 1.
mogalinldyeupuoy SeBoysviovr] om. Theon (BFVb). 9. ©K)
inras. V. 10, &msg — 11. I'B] om. Fb, mg. m. 2 BV. 11.
éldrrova V.  12. EA] 9md tév AT, I'B B, Deinde add. zalwy
85 oig dwd tov Ad, AB Elacoov #0ely®n raov dno tov AT,

I'B B, énsl nal (nal éned V) ta amé tov Ad, 4B éldecove
({drrova F) édeiydn tév dmo tév AL, I'B FVb, in V del
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AT, 4B eaedem non sint, sed 4I" maior supponatur
(manifestum est igitur, esse etiam A44% -+ JB*< 4TI
+ I'B% ut supra demonstrauimus [prop. XLI lemma}),
et ut 44, 4B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes. et pona-

f——f——}

4 4TI B
E M @ N

tur rationalis EZ, et quadrato 4B® aequale rectae
EZ parallelogrammum rectangulum EK adplicetur [J,
44], quadratis autem AI'? -4 I'B? aequale auferatur
EH. itaque quod relinquitur, @K = 2 4I' < I' B
[II, 4]. rursus quadratis 44* 4+ 4B? (quae minora
esse quam 41 + I'B?, demonstrauimus) aequale aufe-
ratur E4. itaque MK =2 44><4B. et quoniam
AT 4 I'B? media sunt, EH medium est. et rectae
rationali EZ adplicatum est. ergo E@ rationalis est
et rectae EZ longitudine incommensurabilis [prop.
XXII]. eadem de causa etiam @N rationalis est et
rectae EZ longitudine incommensurabilis. et quoniam
AT, I'B mediae sunt potentia tantum commensurabiles,
AI" et I'B longitudine incommensurabiles sunt. sed
AD':I'B= AI'*: AI'>< I'B [prop. XXI lemma). itaque
etiam AT et 4I'>< I'B incommensurabilia sunt [prop.

dozt 1 P.  18. dovi] inras. m. 1 b, doziv B. 14, nai ©d)
76 BFVb, 16. @N]EHDbL, ENinras. m. 1 F.  17. omuw P.

18. elofv B. 19 T'B] BI' B. 20. B} in ras. V. 2L
ovpuergoy V, corr. m. 1. AI') 4 e corr. V. 22, aile]
supra scr. m. 1 V.  zp] corr. ex 7o m. 1 F. ¢ uév] e
corr. V. 23. I'B] B eras. B.
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ovppctpor af AT, I'B. ©6 0% vmo tév AT, I'B ovu-
pergov det vo Olg Omd tiv A, I'B. xel ta amd
tvov A, I'B &ga dovppsted iove t6 Olg vmd Tdv
AT, I'B. aAde woig uiv and tdv AT, I'B lsov éovl
©0 EH, ©6 0% dlg Um0 vév AI', I'B loov 7o OK*
devppergoy doo fovl 10 EH 1% OK* dove xal 7 E®
tfj ON aovpusreds €ove uixse. xal slov fnrel” af
E®, ON dpa ¢yral &l6y dvvdus uévov evpuergor. v
0t 0vo Jmral dvvduer wpovov evpusrgor GvvTEdhoLY,
% 0An &Aoydg dotiv % xadovuévy éx dvo Svopwrwv-
% EN dga éx dvo Svopdrav ‘ot diponuévy xete o
0. xoave ta avva 0% daydjoovver xel of EM, MN
énral duvdus povov ovppevgos xal fovew § EN éx
0vo dvoudrwv xar &Alo xal &Ado dipenuévy vé ve O
xel ©0 M, xal ovx fovw 1 E® v MN % avri), on
1 ano vov A, I'B uslfovd éott tav amd v A4,
4B. ¢ika ve amd taov Ad, AB uslfove é6Ti TOU

 Olg Um0 Ad, AB" moAd§ dge xel vo amd vdv AT,

20

I'B, ‘rovréors 6 EH, usifdv doti tod Olg vmo todv
A4, 4B, vovréer. o0 MK* dere xal ) EO viig MN
peltov fottyv. % dpa E@ tfj MN odx fonwv 1 avrr]
Omeg #0s Octfou.

1. Supra odppereor add. ¢ Fb. ¢ 04 — I'B] mg.
m. 1P, 2. 76] corr, ex 73 Vb,  ve¢] supra scr. m. 2 F.
3 cvyysrea b, et B, corr. m. 2; &- del. F. 4. I'B
wiinee V. (alt) I"e corr. V. 6. loov éee/ P. 6.
éatty P. EH Hin ras. V. 8, EO} "®'E F. elow P.
9. dvreddowv B, corr. m. 2. 10, #x] éx zav F. 11, aoa
om. P.  d¢tlv P. 12. ®K b. 15. forv] Eoren V.
supra ser. m. 1 F. %] postea i ins, F. on] newdrimee Theon
(BF VD). 17. Mg. m. 1: yo. 7a &% ano (zév 4, 4 F) Fb,
18. tiw A4 FV. 19, tovtéors P. 20, tovréomy P. Tov]
e corr. V.  MK] M seq. ras, 1 litt. B. %] supra scr. m.
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XI]. uerum AI" et AI"* 4 I'B? commensurabilia sunt;
nam AI', I'B potentia commensurabiles sunt. et
AI'><T'B, 2 AI'><I'B commensurabilia sunt [prop.
VII. quare etiam 41" 4 I'B? et 24" >< I' B incommen-
surabilia sunt [prop. XIII]. werum EH =4I+ I'B’,
@K =2A4I'><I'B. itaque EH, ®K incommensurabilia
sunt. quare etiam E®, ®N longitudine incommensu-
rabiles sunt [VI, 1; prop. XI]. et sunt rationales.
itaque E@, ®N rationales sunt potentia tantum com-
mensurabiles. sin duae rectae rationales potentia tantum
commensurabiles componuntur, tota irrationalis est ex
duobus nominibus, quae uocatur [prop. XXXVI). itaque
EN ex duobus nominibus est in @ diuisa. eodem igitur
modo demonstrabimus, etiam EM, MN rationales esse
potentia tantum commensurabiles. et EN, quae ex
duobus nominibus est, in punectis diversis @ et M
diuisa erit [quod absurdum est; prop. XLII}, et E®, M N
eaedem non sunt, quod AI -+ I'B*> 44%{ 4B%
uerum 4 4* -+ A B* > 2 4 4 >< 4 B.") quare multo magis
ATl 4-T'B*>2A44>< 4B, hoc est EH> MK. quare
etiam E® > MN [VI, 1]. itaque E®, MN eaedem
non sunt; quod erat demonstrandum, ‘

1) U. prop. LIX lemma.

1b. 2L peifor V, sed corr.  7f] wijs b, Post atry add.
1 EN &po #x 8vo ovoudrow nalovuivy wat’ &ido nel dlde on-
peloy Sixigeizar® Gmep dromov. ovw doe éx dvo wicwv dsvrépw
xot’ &Alo nel &llo onpeiov Sraosizan 7 nad’ ¥v wowow F. 22,
dmeg Eds deikau] om. BVh,

Euclides, edd, Heiberg et Menge. IIT. 9
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e’

‘H pelfov xata to avtd pdvov enusiov diae-
gélral.

"Eorw pelfov § AB dujonuévy xera ©o I'y, dere
rag AT, I'B dvvdusr dovuusroovs clvar moloveag to
udv ovyxelpevov éx tev amo tév AT, I'B rerpaydvov
onvdv, ©o & vmd tidv AT, I'B péeov: Aéym, ot 4
AB xat &Alo onuelov oV diageitar.

El yag dvvardy, dujericha xal xeve to A, Gore
ual tag Ad, 4B dvvdue dcvppérgovs slver molov-
oag TO pdv Gvyxslucvov éx TdV dnd tev AAd, AB ¢-
v, 0 & Un advév pdoov. xol émel, @ dagiper
te and tdv AL, I'B tdv ano 1dv Ad, 4B, todre
duapdper el ©o Olg Vmo tov 44, 4B rov blg Tmo
tév AT, I'B, dAda o and tov AT, I'B tév axd
vy Ad, 4B vmegéyer fnre” nra yag dupdrsga”
xel 10 Olg Omo 1édv AA, AB dge rov dlg Vmo TGV
AT, T'B dmegéyer nrgd uéee Svia Omep fovlv &0v-
varov. ovx dga % pelfov xar &ido xal &Alo enuciov
drangeitar” xate vO avTo Goo udvov diewgelrar’ Omeg
&0er detbou..

~ us’.

‘H ¢nrov xal péoov dvvapévny xa®d v pdvow
onuelov drargelzat.

"Eotw ¢nqrov xal pédov_dvveudvy 1 AB diponuévy
sove 0 I'y dove tag Ay, I'B dvvdus dovpuéroovg

1. p,s F. 2. Supra 76 add. m. 2 xel v P.  Suasesitac
&l 7o 6vopava Theon (BFVD). 5. I'B] supra scr. B. upra
motovoag ser. xef m. 1 V. 6. AT] T'd Fb; mg. m. 1 AB
BT b, tszquymvwv] supra ser. o b, -aw in ras. V.
¢neos F. 64 B 9. xel] om. Theon (BFVb).  10. Gv-
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XLV.

Recta maior in uno tantum puncto diuiditur.

Sit 4B maior in I ita diuisa, ut 4TI, I'B potentia
incommensurabiles sint efficientes summam A4 I - I"B?
rationalem, 4I">< I'B autem medium [prop. XXXIX].
dico, 4B in nullo alio puncto diuidi.
iy nam, si fieri potest, etiam in A diuidatur,

ita ut 44, 4B potentia incommensurabiles sint
14 efficientes summam A4% | AB? rationalem,
. Ad > 4B autem medium. et quoniam, quo
" AI'* 4 I'B? ab 44% + 4B? differt [prop. XLI
’ lemma], eo etiam 2 44 >< 4B a 2 AT ><IB
B differt [efr. p. 122,10 8q.], et 4T 4 I'B? excedit
AA% 4 4B? spatio rationali (nam utrumque ratio-
nale est), etiam 244 >< 4B excedit 24I'>< I'B
spatio rationali, quamquam media sunt; guod fieri non
potest [prop. XXVI]. itaque maior non diuiditur in
punctis diuversis. ergo in uno tantum diuiditur; quod
erat demonstrandum.

XLVI

Recta spatio rationali et medio aequalis quadrata
in uno tantum puncto diuiditur.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I' ita diuisa, ut 4TI, I'B potentia incom-
mensurabiles sint efficientes AI'* 4+ I'B? medium,

vapsis P, corr. m. 1 11. zé» ané] m. 2 V., $neiv F.
12. 8 F.  draw P, corr. m. 1. 14. z6] corr. ex zov V.
17. 76} zd V.  20. omeq £dze deiken] comp. P, om. BFVb
24. Post dwngeiton add. slg Ta dvipoaza Theon (BFVbY), P

m. 2.

g*
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elvar molov6ag 1O uiv Ovupyxelusvov €x TGV AmO TOV
AT, I'B péoov, 16 0% dig vmd tév AT, I'B gnrov-
Aéyw, 611 ) AB nav &ilo onueiov oV diugsiTar.

E! yag dvvardv, Oiporiode xel xara to 4, wors
xel tag Ad, AB Svvdus dovupérgovg slver molov-
oag o udv ovpxslusvov éx vdv amo v Ad, AB
uéoov, ©o 0t dlg vno tdv Ad, AB fnrév. émel ovv,
¢ diapéoes ©o Olg vmd vév AT, I'B vot dig vmd tdw
Ad, 4B, vovre dwapéos xal ta and vdv Ad, AB
tév and t@v AT, I'B, 16 0t dlg vmo tav A, I'B
rov Olg Um0 vdv Ad, AB vmegéyer ¢nre, xal To
and tév AAd, AB &go vév and vév Ay, I'B vn-
s0€yeL ¢nred uéow Svra: Gmeg éotly ddvvarov. ovx deo
N Onrov ol udeov Svvaudvy xatr &Ako xel &Ado oy-
pelov Oiagsitar. xava v dga enueiov OSiupsitar
omep &der Oeifou.

uE.

‘H 0vo péea dvvapévy xna® &v udvov on-
petov drargeizar.

"Eotra [0v¥0 péoe dvvauévy] v AB duonuévy xare
70 I') dove tag A"y, I'B dvvdus dovuudtgovg slveu
moL0v0eg TG TE Gupxelpevov éx tov dmd tav A, I'B
uéaov xel ©6 vmd v A, I'B uéeov xal &t acvyu-
pergov T ovyxaufve e tév ax’ evrdyv. Adyw, St
7 AB xat &Ado enuelov oY diugsivor ToloUox T
TQOKELUEV L.

2. 'B] inras. V. 08£] & B, cvyxeluevoy éx tav V.  8(5]
om, Theon (BF VD). 6n6]vcorr. ex amo V. 3. Post 1éym
rag. 1 litt. F. 4B ed8eic V. 4, nal] om. Bb, postea add.
FV. 5. #el] supra scr. V. 6. dwo zév — 7. §nrov] in
ras. m. 1 F. ~ 6. 4B] 4B, KZ b. 17.4¢] & BFb, ot ovy-
nelpevoy dx éy V.  345) om. Theon (BFVD).  10. §¢] om.
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2 AT'>< I'B autem rationale [prop. XL]. dico, 4B in
nullo alio puncto diuidi.

nam si fieri potest, etiam in 4 ita diuidatur,
ut 44, 4B potentia incommensurabiles sint ef-
+4 ficientes 4.4* 4 4 B® medium, 2 4 4>< 4B autem
T rationale. iam quoniam, quo differt 2 4I'><I'B
a244><A4B,eo etiam 4 4* - AB*ab AT - T'B?
differt, 2 A’ >< I’'B autem 2 44 >< 4B excedit
Iy spatio rationali, etiam A44% 4+ 4B* excedit

AI'* 4+ I'B* spatio rationali, quamquam media
sunt; quod fieri non potest [prop. XXVI]. itaque recta
spatio rationali et medio aequalis quadrata non diuiditur
in punctis diuersis. ergo in uno tantum puncto diui-
ditur; quod erat demonstrandum.

XLVIL

Recta duobus spatiis mediis aequalis quadrata in
uno tantum punecto diuiditur.

Sit 4B in I ita diuisa, ut 4", I'B potentia in.
commensurabiles sint efficientes 4I'"* 4- I'B® medium
et AI'><I'B medium et simul quadratis 41" 4 I'B®
incommensurabile [prop. XLI]. dico, 4B in nullo alio
puncto diuidi, ita ut proposita efficiat,

BYV. dlg doa V. 11. wig) 76 P. 12. zév] (alt) corr.
exzé¢ m. 2 F. 14, onpsiw P, corr. m. 1. 15. xed” BFb.

nore — 16. Oeifou] m. 2 V. 16. §wee #0ze deibar] comp.
P, om. BF. 17. u¢’] e corr. F. 18. 7 8vo wéee] in ras.
m. 1 F. 19, Siageizor &lg 1o dvopara Theon (]&‘FV ). 20.
8vo péoa Svvepdvn] om. P. 28. nol t6 — pésov] mg. m.
1 P. 6] 10 ovynelusvoy fu tav V. 24. i ovyRELpive)
ego; 7o ovyxeiuevov PBFVb.  Post avtav add. =g (corr. ex
76 m. rec. P) ovyrewpéve (corr. ex -pevor m. rec. P) & oy
on’ (corr. ex dw m. 2 V, an’ b) adrdy (tsreaydveoy add. b,
Fm 2) BFVD, P mg. m. 1,
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E¢ yap dvvardy, dineiiodw xata o A, Gote madw
dniovdr, iy AT vij AB uy eivar Ty avriv, elid
peitove xe® Unddsoww iy AL, xal éuxeloda oy
% EZ, xal negafeflijodo muge v EZ voig pdv dxod
16y AT, 'B igov ©60 EH, t¢ 0% dlg vwo rév AT,
I'B igov 16 @K Giov doa ©o EK lgov éorl 6 amd
tiic AB tetpayoive. medw 01 megefefiicdeo mago
v EZ toig dno tov Ad, 4B loov v6 EA* Aoumov
doo T6 Olg Umé tdv AAd, 4B lowg v MK igov
dotiv. nal Znsl uéeov Umdxeivoar TO Guyxrelusvov x
6y ano tiv AT, I'B, uéoov &ea éorl xel v6 EH.
xel mape onryy v EZ mapdxsizor: ¢nry dga foriv
% OF xal dovuuergog vfj EZ wijxer. Oia v adve Oy
xel § ON nry] éove xel dovuuseroos tff EZ pajxe.
nol émel aevuusTedy dote TO Guyxelusvov éx tdv dmo
rov AT, I'B ¢ dlg vmo ©év AT, I'B, xal vo EH
dge 13 HN acduuerody éomiv’ dwore xel 7 EO zj
ON dovuucreog dovy. xal glov dyrels of E@, ON
doa gnral sler dvvdpst uévov evuuctgor’ § EN dou
éx 0vo dvoudrov deti dipenuévy xare to O. opolwmg
a7 dslbouev, otL xal xove To M dujgnren. xal ovx
éoriv 7) EO@ tff MN 5 avryj' 3 &ga & 0vo dvoud-
tov xet &Aio mal &Ado onueiov dujonrer Omep éoriv
dromov. ovx &gu 7 0vo péow Svvauévy xar &Ado xai

5 &Aho onuetov diaugeirar: xa® Fv dpa udvov [enusiov]

deargeitac.

1. nal xava V. 8. xelodeo P. 6. EX] corr. ex @K
m. 2 P.  10. 46z BV, comp. Fb. 13. ®E] E®@ P. 14
dortv P.  15. 76 — 16. 76} in ras. m. 1 F.~  16. 4] 76
ovyrsipévp éx tév (vob F) FVb.  d4] supra scr. F. vl
inras. F. I'B] BI"F. EN b. 17 deo] om. V. 1o
mut. in zéy m. 2 V. HN)] €K BFb, O©K doa V. 18.
2gziv] comp. Fb, ot prixee V. elotv PB. 19. elov PB.
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nam, si fieri potest, in o ita dinidatur, ut scilicet
rursus 4I', 4B eaedem non sint, sed supponatur maior
M0 AT, et ponatur rationalis EZ,

-4 E N )
et rectae EZ quadratis 41" 4
I'B? aequale adplicetur E H, rect-
iy angulo autem 2 AI'><XI'B ae-

quale ®K. itaque EK = 4B?
1T (I, 4]. iam rursus rectae EZ
quadratis 4.4% |+ 4 B? aequale
B Z 4 H adplicetur E 4. itaque quod re-
linquitur, 2 44 >< 4B = MK. et quoniam suppo-
suimus, AI'® 4 I'B® medium esse, etiam EH me-
dium est. et rectae rationali EZ adplicatum est; itaque
@E rationalis est et rectae EZ longitudine incommen-
surabilis [prop. XXII], eadem de causa etiam ® N ratio-
nalis est et rectac EZ longitudine incommensurabilis.
et quoniam AI'* -} I'B* et 2 4I">< I"B incommensura-
bilia sunt, etiam EH, HN incommensurabilia sunt.
quare etiam E®, ® N incommensurabiles sunt [V, 1;
prop. XI]. et sunt rationales. itaque E®, @N ratio-
nales sunt potentia tantum commensurabiles. ergo EN
ex duobus nominibus est in ® diuisa [prop. XXX VI].
similiter demonstrabimus, eandem in M diuisam esse.
et E@®, MN eaedem non sunt. itaque recta ex duobus
nominibus in punctis diversis diuisa est; quod fieri
non potest [prop. XLII]. itaque recta duobus spatiis
mediis aequalis quadrata non diuiditur in punetis diuersis.
ergo in uno tantum diuiditur.

K

21. duereosizer V. 22, MN dea b. éx wov P, 23.
dromdv dorv V. 24. 5} corr.ex éx V. 26. Bva F.  onusion]
om. P.
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"Ogot devTegoe.

‘Troxcaiuévns $nrijs xal tig éx dvo Swvoudrav
duponuévng els ta Svouara, ng o peifov Svopa Tov
éAaodovog uelfov Odvvarar T dmd ovupdroov fevry

6 wijxer, oy ulv o pelfov Svopa GVvuusTgov 7 wijxe
tfj éuxepdvy v, xadslodo [1) 8An] éx dvo dvopd-
TOV TEWTY.

B. ’Eav 0% o éAdedov Svoue GUpuctov 1 wixe
v éuxepdvy Qnrh), xedelodo éx dvo dvoucrwv
10 d‘avu’ga
y 'Eav ot m]&"zegov tY dvoudrov Gvyyu@ov
N wixe vf] duxsipdvy onrii, xedelodo éx dvo dvoud-
Tov Tolr.
&, IIdAw o9 éav ©d ueifov Svoua [rad éldesovos)

15 uetfov OvvmTar TH amd dcvupsrgov favtf wixel, éov
pdv o pelfov Svope ovpustoov ) wiixs Tij éxxewpdvy
v, xedelodw éx 8vo dvoudreov TeTdoTY.

&. ’Eav 0% ©6 #accov, méumTy.
§. ’Eav 0t undéregov, Exvy.

20 un'

Evgeiv Ty éx 0vo dvoudrov moaTyw.

’Exxelodwoay 0vo agiduol of AT, I'B, dore tov
ovyxsluevov & avrdy ov AB meog piv tov BI Adyov
&pew, Ov TeTgdymvog deLduds meos TETEAYwVOV dQi-

25 Sudv, medg 0% zov I'd Adyov uy éyawv, Ov terpdyw-
vog aQududg medg reredymvov doidudv, xul éxxelodw

1. Goos d‘svrsooz] mg. B m 27V, om. F, u’ b. numeros
om. codd. 4. fldrrovog EFb. avtj B, corr. m. rec.; et
supra scr. @ b; é- e corr. V. B wiinee] (alt) om V,m2F
(eras.). 6. 61117; uiner FV. 7 617] supra ser. m. 2 P éin B.
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Definitiones alterae. .

1. Proposita recta rationali et recta ex duobus no-
minibus in nomina diuisa, cuius nomen maius potentia
minus excedit quadrato rectae sibi longitudine com-
mensurabilis, si maius nomen rationali propositae lon-
gitudine commensurabile est, nocetur ex duobus no-
minibus prima. '

2. Sin minus nomen rationali propositae longitudine
commensurabile est, uocetur ex duobus nominibus se-
cunda.

3. Sin neutrum nomen rationali propositae longi-
tudine commensurabile est, uocetur ex duobus nominibus
tertia.

4. Rursus si maius nomen potentia excedit quadrato
rectae sibi longitudine incommensurabilis, si maius
nomen rationali propositae longitudine commensurabile
est, uocetur ex duobus nominibus quarta.

5. Sin minus commensurabile est, quinta.

6. Sin neutrum, sexta.

XLVIIL

Inuenire rectam ex duobus nominibus primam.

Exponantur duo numeri 4AI', I'B eius modi, ut
AB : BI rationem habeat, quam numerus quadratus
ad numerum quadratum, 4B autem ad I'4 rationem
non habeat, quam numerus quadratus ad numerum
quadratum [prop. XXVIII lemma], et exponatur ratio-

8. piuee] om. V. 9. §nrjj pomer V. 7 Ay x F. 14,
109 élacgdovog) m. 2 P, 100 élerzoveg V.  15. cwppéreov BFD,
corr. m, 2.  favrf)] supra scr. @ b.  16. vopw] om. V. 19.
Seq. schol., u. app.  20. &' F. 238, zdp] (prius) corr. ex
oy V. 26. I'4] ras. V.
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g onry 1 4, xel vf 4 6Vpuergog é6twm pijxe § EZ,
¢ny doa Zorl xel § EZ. xal yeyovérm ag 6 B.A
aududs medg tov AL, olrwg 10 dmd tijg EZ meog
10 amo tijg ZH. 6 0t AB mog tov AT Adyov ¥yee,
5 Ov dguBudg mwedg agLdudv: xal o dmd vig EZ dgu
meog 0 amd tijg ZH Adpov &ga, Ov agududs meog
agududv' dgre ovuuetoov doru vd amd vig EZ
and vig ZH. xal éotu §nqey v EZ* yray Goa el
ZH. ol énmel 6 BA mpog vov AT Adyov ovx &yet,
10 6v teTpdymvog deuiudg mEdg TeTEAYOVOY AQLIROV,
000t 70 dmo vijg EZ dga moodg to dmd viig ZH Adyov
#ysu, Ov TeTEdpOVOS QLIS TEOG TETPAYRVOY GQLIUOY
aovpustgog Goo éotlv 7 EZ v ZH wijxer. of EZ,
ZH édga nral elo. dvvaues uovov evuustgor’ éx 0vo
156 dga Svoudrav derlv 7 EH.

Aéyw, Grr xal moary.

‘Enel pdg éovwv cg 6 BA doududs medg tov AT,
ottwg t0 &nd tijg EZ medg ©0 dmd vijs ZH, ueltov
0 6 BA tov AL, peitov dgo xal ©o and tiig EZ

20 ToD dno tijg ZH. E&6tw ovv 16 amd tiig EZ 6o 1o
dno v ZH, 0. xal émel dorwv ag 6 BA moog tov
AT, otrwg 10 amd tijg EZ meog 0 émo vijg ZH,
dvaoteédpavre doa éotiv g 6 AB mog tov BI, ovrag
©0 ano viig EZ medg 10 amd tijg ©. 0 0% AB medg

25 1ov BI" Adyov &ye, Ov TeTodymvog doiduds moog TETd-
yovov deududv: xal ©0 amd tig EZ oo medg TO
amo vijs @ Adyov EqeL, Ov TeTodymvog dgLduds wedg
TeTdpavOY doidudy. oVppsrgog doa éotiv 9 EZ tj

1. 7eg) supra ser. m. 1 V. 2, o7l xaf] dauiv B. 8.

AT} T4 FVh. Dein add. doibpdy V. 4. ZH] H eras. F.
6 88 — b. dBpév] mg. m. 2 B. 5. 8v 6 F. 8. éomv B,
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nalis aliqua 4, et rectae 4 longitudine commensura-
bilis sit EZ; itaque EZ rationalis est [def. 3]. et fiat
BA:A'=EZ*: ZH*

4\ ) (2]

E ‘ [prop. V1 coroll.]. uerum
' z H AB: AT rationem ha-

A r B bet, quam numerus

! ad numerum. itaque

etiam EZ?3:ZH* rationem habet, quam numerus ad
numerum. quare EZ?®) ZH® commensurabilia. sunt
[prop. VI]. et EZ rationalis est. itaque etiam ZH
rationalis est. et quoniam B.A:AI rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne EZ? quidem ad Z H* rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ, Z H longitudine incommensurabiles sunt [prop.1X].
quare EZ, Z H rationales sunt potentia tantum com-
mensurabiles, ‘ergo EH ex duobus nominibus est [prop.
XXXVI]. dico, eandem primam esse.

pnam quoniam est BA: A'=FEZ*:ZH% et BA> AT,
erit etiam EZ®>ZH?® [V, 14]. sit igitur ZH* - &®
= EZ?. et quoniam est BA4: A'= EZ?: Z H? conuer-
tendo [V, 19 coroll] est 4B: B =EZ*:®* uerum
AB:BI rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam EZ?:®*® rationem
habet, quam numerus quadratus ad numerum quadratum.
quare EZ, ® longitudine commensurabiles sunt [prop.

9. B4] mut. in 4B V.  ovx] postea ins. F.  14. ZH —
dvvdpei] m. 2 B, slow P, 16, deo] m. rec. b. 17 9]
in ras. m. 1 P. AB F. 18. 6] (prius) supra scr, m. 1 P,

peitov F.  20. 1] corr. ex vé V. 21, 4B P. 25, zdv]
om. BFb. BI'] I supra scr. V. 26. EZ] ZE corr. ex
ZB F. 27, @] seq. ras. 1 litt. F.
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O pixers 3 EZ &ga vijg ZH ueifov dvveras ¢ amd
ovuusroov éevril. xal &lov dnvel of EZ, ZH, xal
oVpuergog ) EZ ) A pijxer.

‘H EH &ga éx 0vo dvopdtov éovl moaty: Omep
&der Osibou.

ud’.

Evgetv tyv éx 0vo dvoudrov Sevrégav.

‘Exxsledwoay 0vo agiduol of AT, I'B, dere tov
cuyxelpevoy €€ avtadv tov AB mgog uiv rov BI' Ad-
yov Eyewv, Ov teTpdymvog doududg mdg TETOAy@VOV
agdudv, medg 0t 1ov A" Adyov wy éew, Ov vergd-
yvog dgududs meog vergdywvov duiuov, xel éxxslo-
Bo ¢nry 1 4, xal vj 4 ovuusrgog éovw f) EZ piper
¢nvy doa fotlv § EZ. ypsyovérw O nel og 6 I'A
agududg meog tov AB, obrwg To awd tijs EZ medg
0 amo vijg ZH' ovupstoov doa dori vd awd vijg EZ
©d amo vijc ZH. ¢nuy Goo éovl xal 5 ZH. nal énmel
6 I'4 doiduog medg tov AB Aopov ovx &y, Ov teTgd-
yovog deududs medg Terodywvov deududv, oVt To
and tijg EZ medg ©d and vijg ZH Adyov &yer, Ov Te-
Todyavog GoLduds mEos TeTQEy@VOY AQUBUlY. devu-
uergog doa éotiv ) EZ v ZH wijxer: of EZ, ZH
dgo gnral slor dvvapsr pudvov edpuergor’ éx dvo dow
dvoudrmv Zetlv 5 EH.

dextéov 04, Ot1 xal devréga.

, 2. &low PB. 3. aovpuergos F, d- eras.; deinde add.

nxet, del. m. 1, Post pnuee del. eovppergor m. 1 F, 4.
dmso #0s deiker] comp. P, om. BFVb, 6. %" F, et sic dein-
ceps. 8. 176v] corr.ex o m. 2 V. 11, I'4 BVbh, 12.
tetgayovos F. 18, EZ] ZH BVD, inras. F, m, rec. P. 14,
¢ntj — EZ) wel § ZH doa $nri} fomw F. EZ) ZH BVb,

m. rec. P. yeyovétw 814 xol) nal Eorm V. 0¢ F, supra
ser. 9. 15. EZ] HZ F, et corr. ex ZH V, ZH Bb, P m.
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IX]. itaque EZ? excedit ZH® quadrato rectae sibi
commensurabilis. et EZ, Z H rationales sunt, et EZ, 4
longitudine commensurabiles.

Ergo EH ex duobus nominibus est prima [def.
alt. 1]; quod erat demonstrandum.

XLIX.

Inuenire rectam ex duobus nominibus secundam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus
ad numerum quadratum, ad 4I" autem rationem non
habeat, quam numerus quadratus ad numerum qua-
dratum [prop. XXVIII lemma]. et po-

T{ TR .[9 natur rationalis 4, et rectae 4 longi-
ir 1" = tudine commensurabilis sit EZ; itaque
Lz EZ ratiopalis est. ilam fiat etiam

lg I'A: AB== EZ*: Z H* [prop. VI coroll.].
- itaque EZ?, Z H® commensurabilia sunt

[prop. VI]. quare etiam ZH ratio-
nalis est. et quoniam I"4: 4B rationem non habet,
quam numerus quadratus ad numerum quadratum, ne
EZ? quidem ad ZH®* rationem habet, quam numerus
quadratus ad numerum quadratum. itaque EZ, ZH
longitudine incommensurabiles sunt [prop. IX]. quare
EZ, ZH rationales sunt potentia tantum commensu-
rabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. iam-demonstrandum, eandem secundam esse.

rec. 16. ZH] ZE BFVb, m. rec. P; item lin. 17 bhis, 20, 22,
16. EZ] HZ Bb, et corr. exZH V, ZH F, P m. rec.  17.4oziv B.
18. I'4] in ras. V. 19, 098" doa Theon (BF VD), 20.

" EZ] HZ BFV, et e corr. m. 1 b. 22 EZ] HZ Bb, P m.

- rec.; ZHV, ZH' ' F. wijgb. 28, eloiv B.  25. 8¢ P.
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‘Emsl yag avimadly dotiv og 6 BA doidudg mog
zov AT, ovrwg v and viig HZ meds ©6 dno vijg ZE,
pelov 08 6 BA vov AL, psifov dpa [xal] 70 dmd
tiig HZ zov and vijg ZE. éove vg ano vijc HZ ioa
te and tév EZ, @ dvaereépavre dga éotlv wg 6 AB
mwgog tov BI, ovrwg 70 4nd tig ZH meog 6 dmd

Tfig @. &AX 6 AB modg tov BI' Adyov &yei, Ov TeTd-

y0vog ¢oLiuds mEOog TETEUYwYOY aeLdudY’ xal TO Ao
tijg Z H &g modg ©0 and vijg @ Adyov &ye, Ov tsrgd-
y@vog dgLduds meog TETERYOVOY AeLudy. OURuETEog
doa éotlv 7, ZH tij ® wixe dore 7 ZH i ZE
uetfov Ovverer T amd ovuuérgov Eavri. xal slov
¢nral af ZH, ZE dvvduse uovoy ovpuergor, xel to
EZ &aeoov dvoun i dxxsiuévy dnrij ovpuerody dote
ti] A uinst.

‘H EH &ga éx 0Yo dvoudrav vl devréon: Smep
é0e dsitar.

4

V.
Evgely tnv éx 6v0 dvopdrov rolryy.
"Exxslcdwoay 0vo agiduol of AT, I'B, dere tov

ovyxelpevov ¢ avrdv vov AB meog udv tov BIT Ad-

yov Eyeww, 0v teredywvog deiduds mEog TETQUy@VOV
agududv, mog 0% vov AT Abyov uy &eww, Ov Tevgd-
yovog coududg meog rTeTgaywvov doidudv. éuxelodw
0¢ wg nal dAdog u) vevodywvog deiduog 6 A, xal
mQdg éxdvegov TGv B, AI' Aoyov g épérm, oV Te-

1. ABP. deduds] om. b. 2 HZ] EZ BFVb, m.

rec. P, item lin, 4 bis. ZE]] ZH BFVb, m, rec. P, 1tem
lin. 4, 11. 8. pelfoy — A mg. m. 1 P (putow, sed corr.

m 1), BA] 4 e corr. V. ~ wal/] om. P. EZ] HZ

BFVDb, m. rec. P. %] % b o (non ). 6. ZH] EZ BFVD,
m, rec. P, item lin. 9, 11 bis. 8. xa/ — 10. dotSpudr] mg. m.

Pt
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nam quoniam e contrario est [V, 7 coroll] B4: AT
=HZ?:ZE® et BA> AT, erit HZ*> ZE? [V, 14].
sit HZ* = EZ*? -} @°. conuertendo [V, 19 coroll] igitur
est 4B: BI'= ZH?: ®®. uerum A4B: BI rationem
habet, quam numerus gquadratus ad numerum qua-
dratum. itaque etiam Z H®:®?2 rationem habet,
quam numerus quadratus ad numerum quadratum.
itaque Z H, ® longitudine commensurabiles sunt [prop.
IX]. quare ZH? excedit ZE? quadrato rectae sibi
commensurabilis. et rationales sunt ZH, Z E potentia
-tantum commensurabiles, et minus nomen EZ rationali
propositae 4 commensurabilis est longitudine.

Ergo EH ex duobus nominibus secunda est [def.
alt. 2]; quod erat demonstrandum.

L.

Inuenire rectam ex duobus nominibus tertiam.

Exponantur duo numeri A4I', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus ad
numerum quadratum, ad 4 I"antem rationem non habeat,

A I B
e e————1

E\ { Ki—I 4y |
z H o

quam numerus quadratus ad numerum quadratum. ex-
ponatur autem etiam alius aliquis numerus non qua-
dratus 4, et ad utrumque B 4, AI" rationem ne habeat,

1 F. 12. gloww B. 13. EZ, ZH BFVb, m. rec. P. 14.

EZ] ZzH BFVb, m. rec. P,  flarrovr BVDb, comp. F. ovp- -

pezoéy fote 7fj Theon (BF VD).  odpperedv éor] om. Theon

(BFVD).  16. dmse £der deitw] comp. P, om. BFVbh.  20.

neloBwoay, supra ser. #x, V. ddo] corr. ex of m. rec. P.
25, aoiduds] om. V.
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TeAyOV0g AQLIUOS WEOS TETQEYwVOY GQLdUoY” xel Ex-
xelodo Tg ¢nry evdele 7§ E, xal yeyovéro wg 6 A
ngog Tov AB, ovtwg 10 axd Tijs E meds 7o dmd vijg
ZH: ovppstgov Hou éotl ©0 dmd viis E T amd tijg
5 ZH. xal éov ¢gqry) v E* dqryy dea éorl xal v ZH.
xol émsl 6 4 medg tov AB Adyov ovx &ye, Ov TeTod-
yovog aeLduds medg terpdymvov aguiudv, ovdd T
ano vijg E medg ©o amd vijs ZH Adyov &ysi, Ov verod-
y@vog dgLiuds medg TETEdYmVOY dQLINOY” GOUUUETQOS
10 dga Zotlv 7 E tf) ZH wijxs. yepovére 0y maiw og
7 BA dgiBudg meds tov AT, otrwg 10 amd vig ZH
medg 10 amd tijg HO* ovpuergov &ou d6ti 6 dmo
1 ZH t¢ and tvijg HO. ¢nry 02 § ZH: §yeyy Goa
xel v HO. xal émel 6 BA mpog tov AL idyov ovx
15 &1L, OV TETQAYOVOG dQLIUdg TPOg TETEEYMVOY doLdudv,
000t ©0 amd tijg ZH meog 16 amo vijs OH Adyov
ety Ov TeT@dywvog dQuBudg mEdg TETPUYwVOV dQi-
Budv: devuuctgog oo fotly 4 ZH vij HO pixs.
of ZH, HO dga $nral el6r dvvdus pdvov ovupergor’
20 1§ ZO dpa éx Vo dvoudrav foriv.

Aéye 01, 0t xal TolTy.

‘Enel pag oty dg 6 A4 medg tov AB, oVrwg TO
ano tiig E medg ©0 amd vig ZH, dg 0% 6 BA mgog
tov AT, olrwg 10 dnd tig ZH moog 10 dmd T8

25 HO, 8.’ ioov &g dorlv dog 6 A meog tov AT, otrmg
16 ané tijg E mgog v0 amo tig HO, 6 0% A meog
tov AT Adyov odx &y, Ov tergpdymvog deududs meog
tetguyovoy aeududy' ovdE 10 amd vijg E dgo moog
70 dnd tiig HO Adpov e, Ov tevgdyovos deiduds

2. ¢neq] m.2F. 8. zi ZHb. 4. 16— 5. ZH](prius) m.
2 B. 6. xal dovt §rvi}] Gnry 0é B.  detly B. 10. 84 V.
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quam numerus quadratus ad numerum quadratum; et
ponatur aliqua recta rationalis E, et fiat 4: 4B=
E?:ZH?® [prop. VI coroll.]. itaque E%, ZH® commen-
surabilia sunt [prop. VI]. et E rationalis est; quare
etiam Z H rationalis est. et quoniam : 4B rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne E? quidem ad ZH?® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
E, Z H longitudine incommensurabiles sunt [prop. IX].
iam rursus fiat B4: AI'=Z H?: H®?[prop. VI coroll.].
itaque ZH?, H®® commensurabilia sunt [prop. VI].
uerum ZH rationalis est; itaque etiam H® rationalis
est. et quoniam B.A4:AI" rationem non habet, quam
numerus quadratus ad numerum quadratum, ne Z H®
quidem ad H®? rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, H® lon-
gitudine incommensurabilés sunt [prop. IX]. quare
Z H, H® rationales sunt potentia tantum commensu-
rabiles. ergo Z® ex duobus nominibus est [prop.
XXXVI}). iam dico, eandem tertiam esse. nam quo-
niam est 4: 4AB=E?:ZH*® ¢t BA: A'=ZH*: H®®
ex aequo [V,22] erit 4: A= E?: H®® uerum 4: AT
rationem non habet, quam numerus quadratus ad

11. B4) AB'F. ©v] om. B. 14 T4 F. 16. OH)
in ras. V, HOF. 18. dotly] dovl wal F. ZH] e corr. m. 2
(ex HZ?) V. zfjjm.rec. P. OHTF. 19. HO] inras. V.

eloww B. 20, oot BV, comp. Fb. 22 ag] supra scr,
m. 1 F. 93 ZH] HZF. BA] ABP, 4B’ F. 24. vv]
om. P. AT'] corr. ex AB m. 1 F. 25. HO®] Z® P, corr.
m. rec. (euan,). 28, trerpayovog F, corr. m. 1.

Euclides, edd. Heiberg et Menge. III. 10
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7QOg TETEUY@VOY dEUIUGYT GOUMusTQOg don oTiv 1
E ©jj HO pine. nal énsl éovww g 6 BA mpog tov
AT, otrwg ©d amd tijs ZH mdg ©0 axd tijs HO,
ueitov &pa ©d amd vig ZH tov amd vijg HO. &orw
ovv tH amd vig ZH loa te émo vdv HO, K dva-
oreépovry dga [éotlv] dg 6 AB meds vov BI, otrwmg
10 and g ZH medg ©6 dmd tijg K. 6 0% AB medg
20w BT Adyov égee, Ov tetaymvog agududs meog Te-
rodyovoy deududy’ xal vo dwo tic ZH &oa mdg 7o
amod tijg K Adyov #qei, Ov vergdymvog agududg meos
reTgayovoy doududv: ovuusrgog doe [éotlv] v ZH 4
K wixee. % ZH &ge vijg HO psifov dvvarer v dmod
ovppsrgov éavril. xal slow of ZH, HO ¢nral dvva-
psL wovov GUuuergol, xal ovdeTign avTHY GUUWETQDS
ot ) E pues.

‘H Z® &ga éx 0vo ovouctov fovl toivy' Omep
e deikar, ’

ve,

Eveeitv tyv éx 0¥0 dvopcror terdoryy.

‘Exxelodwcay 0vo dguduol of AT, I'B, @ore tov
AB 7og tov BI' Adyov uy éyew urre uny mwedg Tov
AT, Ov rergdymvog doiduds meds TeTQEY@VOY GQi-
Budv. xal éxxsloBo ey f 4, xel tf] 4 Gpuergog
dovw wixer ) EZ° ¢nyry doa éorl nal ) EZ. xal pe-
yovétw dg 6 BA agududs medg tov AI', ovrwg 70
and tijg EZ meog 10 amd tijg ZH' evpuetgov doo

1. 4otiv] m. 2 F, om. B. 8. ] (alt.) om. b. 4. g
(alt.) om. b, 6. dazlv] om. P.  zov] om. Fb.  11. éau’v}
om. BFVb., 12 &'(m} m, 2V, Jvverer] -ve- in ras. P

13, aovppérgov F, corr. m. rec.; d- supra scr. Fm. 2. H@O

doe V.  15. domww B. tjj E domw F.  16. zoizn] corr. ex
gntiy m. ree. by dnry F, mg. ye. telen m. rec. omsg €det
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numerum quadratum. itaque ne E? quidem ad H@®?
rationem habet, quam numerus quadratus ad numerum
quadratum. quare E, H® longitudine incommensura-
biles sunt [prop. IX]. et quoniam est BA: 4=
ZH®:H@*, erit ZH®> HG* [V, 14]. sit igitur
ZH*=H®® 4 K®. itaque conuertendo [V, 19 coroll.]
AB:BI'==ZH?: K. uerum 4B:BI rationem habet,
quam numerus quadratus ad numerum quadratum. quare
etiam ZH?: K® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, K longi-
tudine commensurabiles sunt. itaque Z H? excedit HG?
quadrato rectae sibi commensurabilis. et ZH, HO®
rationales sunt potentia tantum commensurabiles, et
neutra rectae E longitudine commensurabilis est.

Ergo Z® ex duobus nominibus tertia est [def. alt. 3];
quod erat demonstrandum.

LI

Inuenire rectam ex duobus nominibus quartam.
Exponantur duo numeri 4I', I'B eius
modi, ut 4 B neque ad BI'neque ad 4I'ratio-
4 nem habeat, quam numerus quadratus ad nu-
merum quadratum [prop. XX VIIIlemma). et
15 ponatur rationalis o, et rectae 4 longitu-
dine commensurabilis sit EZ. itaque EZ
rationalis est. et fiat B4: AI"=EZ?:ZH?
~H [prop. VI coroll]. itaque EZ?, ZH? com-
mensurabilia sunt [prop. V1]. itaque etiam ZH ra-

-4 -~ TE

- 1

-B |®

deikou] comp. P, om. BFVb, 21. rov BI'] fxdzegov adtiv
Theon (BFVb). BI'] corr. ex A’ m. 1 P.  unre — 22.
AT] om. Theon (BFVD).  24. doriv B. 25. B4] 4”"B’' F.

aoiduds] om. V. r4 F.  26. ¢vppergos P, corr. m. 1.

10%*
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éotl 10 ano tig EZ te amo viig ZH- {nry doa éotl
sl 5 ZH. nal émel 6 BA moog vov AT Adyov ovx
¥yee, Ov Terpdyovog agududs medg TETEAy@VOY GQuLY-
uov, ovdt 10 dmo wfg EZ meog to amd tig ZH
Abyov Eyev, Ov tergdywvog deLBudg mEOS TETEHY@VOV
agududy’ acvuusrgog doa fovlv 1 EZ vij ZH uijxe.
af EZ, ZH dge ¢nral slor dvvausr uovov cuuueror’
dore ) EH éx 0¥o dvopdrwv éoviv.

Aéyw 81, OtL xal TeTdgTy.

'Ensl ydg éoriv og 6 BA mpdg tov AT, ovtwg 7o
ano tijg EZ mpog 70 amd thig ZH [uslfov 0t 6 BA
tov AT, peitov &ge t0 amo g EZ vov amd tijg
ZH. ¥ote ovv 1@ and vijg EZ loa ta dnd vév ZH,
O avaergépavr. Gpa wg 6 AB &euduos meog TOV
BT, otnwg o amd vijg EZ meds ©6 amd tijg @. 6 0
AB mgog vov BI Adyov ovx Eysi, OV TeTdywvog doud-
pos medg teTgdyawov agududy: o008 dpa TO Amd
tijs EZ mdg t6 amd vijg @ Adyov EyeL, Ov Tergdye-
vog aoududs mEog TETEEY@YOY GELdudv. dovuusToog
dgo éotlv ) EZ vfj @ wixees v EZ éga tiis HZ
uetlov dvwarar 16 dmd dovupéroov favri. xoal elow
of EZ, ZH ¢nrel Ovvduer pévov ovupsrgor, xal 7
EZ ©jj 4 ovpuergdg ot pajnes.

‘H EH &go éx 0¥o dvopdrav éotl terdory' Omep
&0z dettou.

1. Post ZH add. O (seq. ras. 1 litt. F) 9y EZ Jo m
2 F. ne @ Sa] 3 EZ émn doe V m, 2, dnrij éarw dox b,

é0t/] om. b, éotév PB. 2. xal] (pnus) om. BFb, BA4]
AB P.  ovx] postea add. m, 1 F 6. o] tisb. 7. eloww B,
8. égz¢ BV, comp. Fb, supra ser. m. 1 P, xai)
m. 2 F. 10. B 4] corr. ex AB z6v] ome Bb, corr. ex

t6 m. rec. P, 11, pelfoy — 12. AI‘] mg. m. 1 in ras. P.
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tionalis est. et quoniam B .4 : 4I' rationem non
habet, quam numerus quadratus ad numerum quadra-
tum, ne EZ? quidem ad ZH?® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,ZH longitudine incommensurabiles sunt [prop.IX],
itaque EZ, Z H rationales sunt potentia tantum com-
mensurabiles. quare EH ex duobus nominibus est
[prop. XXXVI].

Tam dico, eandem quartam esse. nam quoniam est
BA:AT'=EZ*:ZH?, erit EZ*>ZH*® [V, 14]. sit
igitur EZ® = ZH®- % itaque conuertendo [V, 19
coroll] 4B:BI'= EZ?:@° uerum A4 B:BI rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne EZ? quidem ad @® rationem habet,
quam numerus quadratus ad numerum quadratum.
quare EZ, ® longitudine incommensurabiles sunt [prop.
IX]. EZ? igitur excedit ZH? quadrato rectae sibi in-
commensurabilis. et EZ, Z H rationales sunt potentia
tantum commensurabiles, et EZ, 4 longitudine com-
mensurabiles sunt.

Ergo EH ex duobus nominibus est quarta [def.
alt. 4]; quod erat demonstrandum.

11. BA] 4 e corr. V. 12. z#j¢] (prius) om. P. 13. 6]
6 P, 16. 7é»] om. BFb.  18. €] ©4b.  20. {oriv] om.
Fb. doa] om. F. tis] corr. ex i} V. HZ] corr. ex
ZHV,EHF. 21. ovppéreov b, corr. m. rec., et F, corr.

m. 2. favty; pruer F. 24. omeg #0st 6‘u”§au] comp. P,
om. BFVb.
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.

Eboeiv v éx 0vo dvopdrov méumTyw.

‘Exxeledwcay dvo aouduol of AT, I'B, dore tov
AB meog éndregov avrov Adyev wy Eyew, Ov TETQG-
yovog agududs medg TeTgdyovov agududv, xel éxxsi-
6w ¢yt Tig svDela ) A, el T A GVpucreos E6Tw
[wiixe] 9 EZ* ¢nryy éga ) EZ. xal pepovéreo ag (‘5
I' 4 mgog rov A B, otrwg 10 and 15 EZ meds 16 amo
tiig ZH. 6 0t T'A mgog tov 4B Adyov ovx &gz, ov
TETQUYOVOG AQLIUOS WEOS TETQUYMVOY aoLiudv’ ovdE
©0 amd vijg EZ dga mgog o amd viig ZH Adyov &ye,
0V TeTayvog aoLduds meds Teredyevoy dodudy. of
EZ, ZH &ga ¢yral elos dvvdper uévov ovuusrgor’
éx 0vo &ga bvoudraov éotiv 4 EH.

Aéyw 61, Ove xal méumry.

'Enel pag iotw og 6 I'A mgog tov AB, olrwg
to amod tiig EZ modg ©6 amo tiig ZH, dvdmadw &g 6
BA modg tov AT, olrwg ©o amd tijs ZH meog o
and vijg ZE* upeiov dgo ©o amd tig HZ tov amd
tiig ZE. ¥otw ovv vd amd g HZ i6a to 4md tdHw
EZ, 0 dvaotoépavr. dga fotlv og 6 AB aoududs
mpog vov BI', obrwg 0 dmd tig HZ mgdg ©o 4&md
tijg @. 6 0% AB meog vov BI' Adyov odx e, Ov

3. 7ov] corr. ex vo V. 7. pyuet] om. P.  EZ] ZH
Theon (BFVb), HZ m. rec. P. ¢y doa 5 EZ] éney dow
% ZH V, mg. ¢nrs) o) dea HZ m. 2. EZ] ZH Theon (BFb),
HZ P m. rec. 8. EZ] Z post ras. 1 litt. V, ZHF, HZ Bb,
P m. rec. 9. ZH)] ZE Theon (BFVD), m. rec. P. Deinde
add. ovppetoov dow éotl o dmo tijg HZ 1o dnd tijs ZE- $ney;
dox fotl el 9y ZE. xal émel Theon (BFVD), P m. rec. (ZH
pro HZ).  d¢] om. Theon (BFVb). zé»] om. BFb, 11.
t7ig] (prius) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P.

doo] om. B.  mgog 760 andl m. 2 B. ZH] P, ZE BFVb,
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L.

Inuenire rectam ex duobus nominibus quintam.

Exponantur duo numeri 4TIy I'B eius modi, ut 4B
ad neutrum rationem habeat, quam numerus quadratus
ad numerum quadratum {prop. XXVIII lemma], et
ponatur recta aliqua rationalis 4, et

™ 1™ rectae 4 commensurabilis sit EZ. itaque

L.. 4 , EZ rationalis est. et fiat

{ T I'd: 4AB=EZ*: ZH®

. [prop. VI coroll]. I'4 autem ad 4B ra-

B _ tionem non habet, quam numerus qua-
® |, dratus ad mumerum quadratum. itague

ne EZ* quidem ad ZH?* rationem habet,
quam numerus quadratus ad numerum quadratum.
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles [prop. IX]. ergo EH ex duobus no-
minibus est [prop. XXXVI].
iam dico, eandem quintam esse. nam quoniam est
I'4: AB=EZ?:ZH?%, e contrario [V, 7 coroll.] est
BA: AT = ZH®:ZE®? itaque HZ®> ZE® [V, 14].
sit igitur HZ® = EZ® | @ itaque conuertendo [V,

m. rec. P. 12, rsrqaymvog F, corr. m. 1. agfuév] m.
2 V. Deinde add. ZovpusTeos dou §a1:lv % HZ =} ZE (7 ZE
om, V) pijxse b, mg. m. 1 F, m. 2 V., 13. &loww PB.
doa] om. P. EH] He corr. m. 1 b. 15uu(]m2F
17. EZ] P; HZ BVb, P m. rec.; ZH F. ZH] P, ZE
BF Vb, P m. rec. Ante dg add. doo m. rec, P.  18. ovrag)
om. BVb, ZH] P, EZ BFVb, P m. rec. 19. ZE] P,
ZH BFVb, P m. rec. Dein add. & 0} B4 to6 AT yslfaw
(corr. ex pat{ov) datl V;, weitor (peffor m, rec. b) 8t 70 (6 m.
rec. b) B4 w09 AI' b, in ras, F. peifov &ea] sustulit re
in F. &deaxédoe/V. <] m 2F. HZ]P, EZ BFVE
P m, rec.; item lin. 20, 22. 20. tfig] om. P.  ZE]| P, ZH
BFVb, P m. rec. zm] supra scr. m. 1 b, postea add. m. 1V,
corr.ex 6 Fm. 1, 21 EZ] P, HZ BFb, m. rec. P, in ras. A

Fd
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TeTpayovog a@ududg mEdg Tergdywvoy aeududy” ovd’
dga 1o amd tig ZH mpdg ©o amd vijg @ Adyov e,
0v TETEUyOVOS dQUOWls mWEog TETEdy@YOV dgLuov.
aevpusrgog doa fotlv n ZH zff @ wpius dore %
ZH tijg ZE psifov dvvarar T and dovuuirgov fav-
vij. xal eléw af HZ, ZE ¢nral dvvdpe pdvov evyu-
pergot, xal 6 EZ Elatvov Svoue 6vuusroov ot v
Suxeipévy $nry) tf A wajxes.

‘H EH épa éx 0vo dvoudrav foti méumry: Omeo
&0er Ocitar.

' vy,

Edgety thv éx 0vo dvoudrov ExTyw.

‘Exxei6dwcay 0vo agiduol of AI'y I'B, dors 1oy
AB mgdg Exdvegov avrdv Adyov un Eyewv, Ov Tered-
yovog aguuds mEog TeTedywvov agududy: Eotm O
xol Eregog cuduos 6 A uy terpdywvos @V undd meodg
éxdregov oy BA, AT Adpov &wv, Ov retodyavog
doududs meog TETedyovoy deududy” xal drxelodo Tig
onry evdeie § E, xal peyovéro og 6 A medg wov
AB, otrag vo ano tig E meds o ano vig ZH' evu-
pergoy &oalto amwo vig E v@ amd vig ZH. xal éom
oy ) E° nry Goo xal m ZH. xal émel odx Eys

1. Teredywvoy] corr. ex zergdywvos m. 1 b. 2. ZH] P,

EZ BFVb, P m. rec.; item lin, 4, 5. @] ras. 1 litt. V.
4, dotfy] om. BVbh. b. zijg] corr. ex =7} Vbh. ZE] P,
ZH BFVD, P m. rec. ovuuérgov F, corr. m. 2. 6. zloc V,
comp. Fb. e«f]m rec.P. «f HZ, ZE] om. FVb; «f EZ,
ZH supra sex.m. 2B, 7. EZ] P, ZH BFVb, HZ m.rec.P.
9. Omeo #der deiken] comp. P, om. BFVb. 13, 4TI'] 4,
seq. ras. 1 litt., F.  ©év] corr. ex 76 m. 2 B.  16. wijre P.
17. BA4] supra ser. ' m. 1 b, AB F et V, sed corr.  &yraw
V, sed corr. 18, xe{] m. 2 F. 20. ofrwg nal V.  odp-
uergog Theon (BFVD), P m. rec. 21. &ox Zasty FV. 26—
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19 coroll] 4B:BI'= HZ?:®® uerum 4B:BI ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne ZH? quidem ad ®?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, ® longitudine incommensura-
biles sunt [prop. IX]. quare Z H? excedit Z E® quadrato
rectae sibi incommensurabilis, et HZ, ZE rationales
sunt potentia tantum commensurabiles, et minus nomen
EZ rectae rationali propositae 4 longitudine commen-
gurabilis est.

Ergo EH ex duobus nominibus est quinta [def.
alt. b]; quod erat demonstrandam.

LHI.

Inuenire rectam ex duobus nominibus sextam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad neutrum rationem habeat, quam numerus qua-
dratus ad numerum quadratum, sit autem etiam alius
numerus 4 non quadratus neque ad alterutrum B4,
AT rationem habens, quam numerus gquadratus ad
4 + 1 numerum quadratum [prop. XX VIII lemmal;
4 |g et ponatur recta rationalis E, et fiat
L 4:4AB = E?:ZH*
7Z ~  [prop. VI coroll.]. itaque E2, Z H® commen-
B . surabilia sunt [prop. VI]. et E rationalis est;
K itaque etiam Z H rationalis est. et quoniam

f——f————}
N

--H .
4 : AB rationem non habet, quam numerus
quadratus ad numerum quadratum, ne E?
-@ quidem ad Z H?® rationem habet, quam nu-

ZH) % E 1 (zo dno tis P) ZH Svvdps Theon (BFVDb), P
m. rec. oww B.  22. éme/] m. 2 B, om. F.
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6 4 mgog vov AB Adyov, Ov rTergdywvog aQLduog
7Og TETOQEYOVOY aeUdudy, 0vd: O amd tis E doa
ngdg 70 amo vijg ZH Adyov &ei, Ov teTgapymvos doi-
Budg meodg Tergdywvov deududy: dovuuctgos doe 7
E ) ZH wixe. psyovére 0% mdlw g 6 BA meog
rov AT, ottwg ©0 and vijg ZH medg to and vijg HO.
ovuustgoy &pa 16 awnd vig ZH té and vig OH. ¢n-
Tov &oe O dmd Tijg @H' Gyray dge ) OH. nal émel
0 BA mgog tov AT Adpov ovx &yer, Ov tergdywvog
agududg medg terodywvov agududy, ovdE TO dmo Tig
ZH mgog ©o amwd tiig HO Adyov &ya, ov tevpdymvog
douBuds mEOg TETQAy@YOV AQLudY” AGUuuETgog How
éottv § ZH vy HO pnner. of ZH, HO dga ¢yral
elor dvvaper uovov ovupucrgor’ éx 0vo &ga dvopdrov
dotlv 5 Z6.

Adeaxtéov 01, Ote xal Exrn.
~ ’Emel yag é6tiv w3 6 A meog tov AB, ovrwg 10
and tijg E meds 16 amo tijg ZH, &omi 0% xal ag 6
BA mgog tov AT, otrwg ©6 awd tviig ZH meog o
éno viig HO, 8. loov dga éotlv og 6 4 mgog 1ov AT,
ottws 16 and rig E medg ©0 and tijg HO. 6 0t 4
mpdg ©ov AT Adyov ovx &yei, Ov terpdywvog aoLduog
mpog TeTQUywvoy agududy ovd: 1o amd tiig E dpe
moog 'T0 amd vijg HO Adyov &yeu, 0v tetgdymvog aoid-
uog wedg TETQEY@VOY GQLIUSY" aovuustgog oo dotly 4
E t) HO wijner. 0slydy 0% xal vy ZH dovuuergog*
énovéoa doa tédv ZH, HO dovuuctods éote tf; E wijnst.
xal énel dovw dg 6 BA mpdg tov AT, olrwg 76 dmd
zﬁg ZH moog ©d amd rijg HO, peitov dga 1o dmd Tijg

1. amymstpov F, sed corr. OH] in ras. V, HO Fb.
Deinde add. ¢nrdy 82 vo d=o 7ijg Z H Theon (B FVb) 8. doa
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merus quadratus ad numerum quadratum. itaque E, ZH
longitudine incommensurabiles sunt [prop. IX]. iam
rursus fiat BA4: A= ZH?: H®? [prop. VI coroll].
itaque ZH?, @ H®* commensurabilia sunt [prop. VI].
itaque ® H? rationale est; quare ® H est rationalis. et
quoniam B.A: AI" rationem non habet, quam numerus
quadratus ad numerum quadratum, ne ZH?® quidem
ad H@®® rationem habet, quam numerus quadratus ad
pumerum quadratum. itaque Z H, H® longitudine in-
commensurabiles sunt [prop. IX]. quare ZH, H® ra-
tionales sunt potentia tantum commensurablles itaque
26 ex duobus nominibus est.

lam demonstrandum, eandem sextam esse. nam
quoniam est #: AB=E*ZH*’ et BA: AI'=ZH*: H®?
ex aequo erit [V,22] 4: A= E?: H®. uerum 4: AT
rationem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne E? quidem ad H®®
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque E, H® longitudine incommensu-
rabiles sunt [prop. 1X]. demonstrauimus autem, etiam
E, ZH incommensurabiles esse. itaque utraque ZH,
H@® rectae E longitudine incommensurabilis est. et
quoniam est BA: AI'=ZH*: H®®, erit ZH?*> HO?
[V, 14]. iam sit ZH®== H®® 4 K% quare conuertendo
[V,19 coroll.] erit 4B: BI'=Z H®?: K®. uerum 4B:BI"
xal_Theon (BFVD). én‘m — OHlmg V. HOP o
BA) 4B F.  10. 008¢] 008’ dea FVb, ovx dea B. 7]
va F. 14, elow B. 18, fomv B. 19. BA] AB P.  21.
0élm. 2 F. 23. 099¢] 090’ doa Theon (Bl Vb).  édee]
om. Theon (BFVb). ~ 26. HZ F. 217 fuarépe — E]l 5 E
&oo Enaréqe tdv ZH, HO louv dovpuergos V.  doa] supra

ser. . 28 ovrmg] om. b, m. 2 B. 29. Post HO® add.
peltov 8% 0 AB v00 AT V. peifov] bis F.
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ZH rob amo tijg HO. #otw ovv 16 éné [vijg] ZH
loe t& and vév HO, K* aveorgépavre &go g 6 AB
woog BI', ovrag ©o amdo ZH mgds 76 and tijg K. 6
0t AB moog tov BI" Aoyov ovx &yeL, OV TeTQaymVOg
doududs meds TeTgdymvov dguiudv: @ore ovdE To
and ZH mgog ©6 amd vijg K Adyov &, Ov verpdyc-
vog doududg mog TETPEY@YOV dAQuiudy. dEVuuETEOg
doa éorlv § ZH v K wixer 1 ZH ége g HO
usitov Ovvator T amd devuuéroov favry. xel el
af ZH, HO {nral dvvdps udvov evuustool, xal ov-
detdpa avtdy ovpueTels fove uixer i) Sxxeuivy
¢nrij = E.

‘H Z® &g éx 0vo dvoudrav fotiv &xvy Owep
&0er detbou.

Anppe.

"Ee6te 0vo tergdywve 16 AB, BI xel xelodmcov
@dore én sVfslag slvew vy AB 1} BE' in eddelag
doa éotl nal ff ZB i BH. xal evuwerinowodw 10
AT nmogadinidyoapuov: Aéyw, Ot Teredywviéy dote
70 AT, xal 8v 16y AB, BI uéoov avdloyéy éore 1o
A H, xal & tév AT, I'B uéeov avdioydv éore 1o AT
 ’Emel pog lon éoviv v uiv 4B tij BZ, 7 0 BE
v} BH, 0Aq doa ) AE 8y vfj ZH éovwv loy. &AL
7 utv AE éxavége tév A@, KI éovw lon, 7 6t ZH
éxatége v AK, O éomwv ion xal éxatépe don
v A0, KI' éxorépe tav AK, OI éorwv ley. (od-
mAsvgov dpa éotl ©6 AT magedinioyoauupov: Eove 0%
nal SpPopwviov: teroaywvov &oe dotl to AT

1. ZH] Z© b, 77j¢] om. P, tiig] om. Pb. 3. zo»
BIr'V. «tijg ZHFV. 4 mgostov BI'l mg. m. 1 P. 6.
tiisc ZH FV. 7. devppetee P, corr. m. 1. 9. cvp-
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rationem non habet, quam numerus quadratus ad nu-
merum quadratum. quare ne ZH? quidem ad K3
rationem habet, quam numerus quadratus ad numerum
quadratum, itaque ZH, K longitudine incommensura-
biles sunt [prop. IX]. itaque ZH? excedit H®® qua-
drato rectae sibi incommensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
neutra earum rationali propositae E longitudine com-
mensurabilis est.

Ergo Z® recta ex duobus nominibus est sexta [def.
alt. 6]; quod erat demonstrandum.

Lemma.

Sint duo quadrata 4B, BI” et ita ponantur, ut 4B,
BE in eadem recta sint. itaque etiam ZB, BH in
X H p eadem sunt recta. et expleatur paral-
| lelogrammum AI'. dico, 4I" quadratum
4B E esse, et 4 H medium esse proportionale
o inter 4B, BT, et praeterea 4" medium

4 Z esse proportionale inter AI', I'B.

nam quoniam 4B=BZ  BE=BH, erit AE=HZ,
verum JE=A0=KI, ZH=AK=0TI [I, 34).
quare etiam

A0 =KI'=AK=01I.

pérgov F, corr. m. 2. favrf piue F, 11, adroy] tav

ZH, H® Theon (BF Vb). ”ézo'tw P. éyusmévg F. 12,

E]EHb, Hadd. m. 2F. 13. 9] om. b.  Gmeg édsr deifou]

comp. P, om. BFVh. 18. oty B. 19. 01t to AT V.
domv P.  20. 20 AT] om. V.  §u] &u BF, supra scr.

ot m. 2. 2L ey P. 22. ZB B. 24. Post lon del.

ail’ 7 utv AE énovéee m. 1 P,  HZ BFV, 25.TOYV.
dox] om. b, 26, A@ll A4 postea add. V. 27, douiv P,
fouy PB. 28, éouiy P.
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Kal énel éotwv g 1) ZB mgdg v BH, otrag 3
AB mgdg vy BE, dAX g utv v ZB meds Ty BH,
ottwg 10 AB mgog 10 AH, o 0% 77 4B meds T
BE, otrag 16 4H mgog ©0 BI, xal ag dga 1o AB
mgdg 10 AH, ovrwg 160 AH mgdg 16 BI. tov AB,
BT dge ye’o’ov o’wéloyo'v éoti 10 A H.

Ae’ym 01, 61t xel tov AT, I‘B pééov avaloyov
[oti] ©0 4T.

‘Enel pdo dotiv g 1) AA mog iy AK, ovreg
7 KH mgog v HI™" ion pdg [éotwv] éxavége éxaré-
oo xal evvdévry ag ) AK meog K A, otrwg 7 KI
ngog I'H, ¢l g udv 7 AK meog KA, obrwg
0 AT mdg ©6 I'd, dg 6% vy KI' mgog 'H, otrwg
70 AT meog I'B, xal @g &ga ©d& AL mgdg AT, ob-
tog 10 AT mgog ©6 BI. wédv AI', I'B dga uéeov
avaioyov éeti 10 A" & mgoéxsiro deibui.

vd’.

‘Ecv yoelov meguéymrar vmo ¢ntijg xal Tijg
éx 0vo dvopdrov meaTng, 4 16 ywelov dvve-
uévny &ioydg éoviv 7 xadovuévy éx 0vo dvo-
perTov.

Xaglov yag 10 A megueyéodm vmo dyrijg Tijg
AB xal tijg éx dvo Svopdrav moawrns g AA* Aéyw,
Ove 9 ©0 AT ywelov Svvepévy &hoydg éotwv 3 xadov-
uévy éx 6vo Svopdraw.

3. 7w BE — 5. BI'] postea ins.m.1F. 4. ofzw B. 17']
m.2F. 16 BI'l corr.ex oip BI'm. 2B. 5. ottw B, 6.
doa] om. b. 8 fow] om. P. 10. wjy] om. BFb, oy
om. P.  éxoréeq] om. P 1 oy Ka V. 12. mpw TH

oy K4 V. 13, wyv 'H V. 14. z¢ I'B V, seq. ras.
1 litt. 4T o Ir'a V. 15. AT T'a V. w6 BI'] BI"
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itaque parallelogrammum AI" aequilaterum est; est
autem idem rectangulum. ergo 4I” quadratum est.

et quoniam est ZB: BH—AB:BE, et ZB: BH=
AB:4H, 4AB:BE = 4H:BI [VI, 1], erit etiam
AB: AH= AH:BI. ergo 4H medium est pro-
portionale inter 4B, BI.

lam dico, 4I'" etiam medium proportionale esse
inter 4TI, I'B.

nam quoniam est 44: 4K = KH:HI' (nam
utraque utrique aequalis est), et componendo [V, 18]
AK:KA=KI':T'H, est autem AK:KAd=AI':T'4,
KI'':TH=AI':I'B, erit etiam AI': 4I"= AI": BT
ergo AI" medium est proportionale inter A4I', I'B;
quae propositum erat demonstrare.

LIV.

Si spatium recta rationali et recta ex duobus no-
minibus prima comprehenditur, recta spatio aequalis
A HE Z quadrata irrationalis est ex duo-
bus nominibus, quae uocatur.
r Spatium enim AT recta ra-
tionali 4B et recta ex duobus
—F-m nominibus prima 4.4 compre-
M, g hendatur. dico, rectam spatio
AT aequalem quadratam ir-
rationalem esse ex duobus no-
Z o minibus, quae uocatur.

i

®K A

B, I'B Fb. 16. &1 dmee Theon (BFVb). Post deifou
add. 0>:»==P. 18 rijg] m. 2 B.  22. ywelov — 25. ovo-
poroy] mg. m. 1 F.  22.°4I'} 4BI'd Theon (BFVb). 23,
AB) 44 F.
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"Emsl yog éx dvo Svopdrav o1l mowry 1 A, duy-
ofiedw &l Ta Svdpata xave 10 E, xal éotw to peifov
dvoua 16 AE. qavegov &, ot af AE, EA ¢nval
elor Svvdusr ulvov evupetgor, xal ) AE tiig EA4
peifov dvvarar T dmd Gvuuérgov favrii, xal § AE
ovpuergds dote T dxnswudvy ¢ty v AB prxe.  ve-
tuiiedw 0y 1 EA diye nave vo Z onuslov. xal émel
9 AE vijg EA peifov vvarar ¢ amo evuuérgov
favrf], dav Gge TG TeTagro WEps Tov amd tijg éAdo-
Govog, Tovréor. T and tiig EZ, leov maga Ty pelfova
v AE magafindi éldsimov eldes tergayorvo, &lg
obuusroe adtyy dwugsl. magafefiiedo ovv magd
v AE ©d ano vijg EZ leov t6 vmo AH, HE" ovu-
pergog doa dovlv 7 AH v EH wijxe. xol fydweav
énd tév H, E, Z omorége tdv AB, I' 4 magdiinio
of HO, EK, Z 4" ol 6 ptv A0 megallnioygepue
leov vevgaywvov evvestatm 1o XN, tp 02 HK ioov
70 NII, xal xslodw dove éx e09elag elvar vy MN
) NE' éx edelag dgo dovl xal § PN vff NO. xel
ovuneninewode to X IT magadlnidygapuov teTod-
yovov dga dotl ©o ZII. xal énel To vmo rdv AH,
HE leov dotl 6 amd vijg EZ, &6rw dga dg v AH
npog EZ, otvog § ZE ngog EH' xal dg doa 10O AO
nog EA, 160 EA mgos KH' vév A0, HK édge uégov
dvdloydv ot 10 EA. dAda ©o plv AO ieov fori

2. E] e corr. m, rec. P. 3. &j] corr. ex 8¢ B. 4,
slav P. ~ acduusreor F, sed corr. 5. dovupéreov b, sed
corr.; in F supra add. ¢-m. 2. xa/jom. F, E4F. 1.
d74] 86 V. 8. devppérgov b, sed corr. 9. tevdprm] 4 b.

706] vée B.  ij¢] e corr. V. 12. edpperooy P. ~ diéin
Vb, d:édne corr. in duedel F, Suedel B. Dein add. winee V. 13,
ono zoy FV. HE]) HO P, 14 AH] He corr. m. 1 V,
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nam quoniam A4 A4 ex duobus nominibus prima est,
in E in nomina diuidatur, et maius nomen sit AE,
manifestum igitur, 4 E, Ed rationales esse potentia
tantum commensurabiles, et 4 E? excedere E4? qua-
drato rectae sibi commensurabilis, et 4 E rationali
propositae 4B longitudine commensurabilem esse [def.
alt. 1]. iam E4 in Z puncto in duas partes aequales
secetur. et quoniam A E? excedit £4® quadrato rectae
sibi commensurabilis, si quartae parti quadrati minoris,
hoc est quadrato EZ% aequale maiori 4 E adplicatur
parallelogrammum figura quadrata deficiens, eam in
partes commensurabiles diuidit [prop. XVII]. adplicetur
igitur rectae 4E quadrato EZ? aequale 4H >< HE.
itaque 4 H, EH longitudine commensurabiles sunt. et
ab H, E, Z alterutri 4B, I'4 parallelae ducantur
H®, EK, Z 4. et parallelogrammo 4@ aequale qua-
dratum XN construatur, et NII = HK [II, 14], et
ita ponantur, ut MN, N5 in eadem recta sint; quare
etiam PN, NO in eadem sunt recta. et parallelo-
grammum X expleatur; itaque ZII quadratum est
[u. lemma]. et quoniam est 4H >< HE = EZ3 erit
AH:EZ = ZE: EH [V], 17]. quare etiam

A®:EAd=EA: KH [V], 1].

EH] HE in ras. V. 15. H]l m. 2 F. AB] A4 eras. F.

I'd] in ras. V, B4 F, 4I" B. 16. EK] E postea ins. m.
1P Z4] mut, in 4Z V, 4Z BFb. magalinléyeapuoy P,
corr.m. 1. 17. ZN] X corr. ex E BFb. 18, xelodawoar V.

MN] corr, ex Nm, 1 F. 19 4ty B. NPP. 20
ZII] corr. ex EII B, item lin. 21. 21. z6] 6 V., AHE b,
etcorrmAHEHm2V A4AH F, et B, corr. m. 2. 22,
to] 6 V. 23, meog T v ZE] EZ'P. EH w H,
ante H ras. 1 htt V. 24, moog 7o, seq. ras. 1 litt,, V. E 4]
E eras, V. o KH V. doa] postea add. m. 1 P,

Euclides, edd. Heiberg et Menge. III. 11
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9 N, ©6 0t HK ieov v NII' tév EN, NII &ga
uéeov avalopdy éoti v0 EA. Eot 0% tdv evvdy tdv
XN, NII yéoov avadoyov xal 16 MP: loov &oa éoxl
70 EA4 16 MP: dGore xal t@ OF loov fotiv. Eouu Ot
xel T A®, HK voig ZN, NII i6e Ohov &oa 10 A"
loov éovlv 0Ap td ZII, vovréor. v¢ and tijs M5 te-
roayove" to AT doa dvverer v M.

Aéya, 6te | ME éx dvo Svopdrov deriv.

‘Enel yog ovpusteds fotwv 7 AH vy HE, evupue-
106g éotL xal v AE éxavéoq vdv AH, HE. vmoxei-
tar 0% xal ) AE ©fj AB evupergog’ xal of AH, HE
doa 1] AB evpuctool elow. xal éore nry 7 AB-
¢y age fotl xal éxarége vdv AH, HE' yrov dgu
dotlv éndregov tdv A®, HK, xai é6tt ovpucroov 1o
A® ¢ HK. dlda ©o pdv 40 ¢ EN lgov Zotiv,
v6 08 HK ¢ NII' xel va XN, NII &pa, rovréor
te and v MN, NE, ¢qra ove xal ovpuerge. xol
émel aovppctedg fotwv | AE 1] EA wixer, aAl %
utv AE tfj AH éot. ovuuergog, 1 02 AE tf) EZ
GUuueTQog, aovpuctgog aga xel | AH v EZ* dere
xal 10 AB tG EA aovppsteév domwv. drla vd ulv
A® tg EN éorww iov, 6 0t EA t6 MP %ol 16
ZN éga 96 MP aevppetgoyv éovw. @Ak g 0 TN

1. ZN] (bis) corr., ex EN B, item lin. 3, 5. 2. E4]
corr, ex Am, 1 F. Zeuv PB, 3. dortv P. 4. ro] corr.
exzg m. 1 P. MP zg EA Theon (BF VD). @oze xel 16)
aua 10 ptv MP to 0.:, (corr. ex O V) loov ozl (doztr B)
70 8 EA (Ed F) t$ ZI', 6lov dea 20 EI zois MP Theon
(BFVDb). 7] corr. ex ©d m. 1 P, otiv] postea ins. m.
1F. 5. EN, IIN F. 6. tovréonty P. 9. AN F, corr.
m, 1. HE]corr.ex EHm. 2V, E'H' F. 10. E4 Exaré-
(mwF 11. cvpy,stpog— 12. 4 B] (prms) mg.m. 1F. 11 xaf}

winer' xalV,Bm.2. o«f] %7 EF,inras.B. EHP. 12 el
V, comp. Fb. deuv B. 13, dociy PB. 14, dotiv] dotimal V.
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itaque EA4 medium est proportionale inter XN, NII,
uerum etiam MP inter eadem XN, NII medium est
proportionale [u.lemma]. quare E.4=MP. itaque etiam
E A=05][1,43]. verum etiam 4@ HK=XN-+4 NI
quare totum') AI'= XJT1= M5®? ergo M/ quadrata
spatio 4I" aequalis est.

dico, M ex duobus nominibus esse. nam quoniam
AH rectae HE commensurabilis est, 4 E utrique rectae
AH, HE commensurabilis est [prop. XV]. supposui-
mus autem, etiam AE, 4B commensurabiles esse.
quare etiam A4H, HE rectae 4B commensurabiles
sunt [prop. XII]. et 4B rationalis est. itaque etiam
utraque A4 H, HE rationalis est. quare etiam 4@,
HK rationalia sunt [prop. XIX], et 40, HK commen-
surabilia. uerum 4@ = XN, HK = NII. itaque etiam
ZN, NII, hoc est MN?, NJE? rationalia sunt et
commensurabilia. et quoniam 4 E, EA longitudine in-
commensurabiles sunt, e¢ 4E, 4H commensurabiles,
et 4E, EZ commensurabiles, 4H et EZ incom-
mensurabiles sunt [prop. XIII]. quare etiam 4@ et
E 4 incommensurabilia sunt [VI, 1; prop. XI]. uerum
A@® = ZEZN, EA= MP. quare etiam XN, MP in-
commensurabilia sunt. est autem XN: MP=ON:NP
[VI, 1]. itaque ON, NP incommensurabiles sunt

1) Nam EA=ZT.

15. ZN] corr. ex EN B, item lin. 186. 16, domv foov V.
ior¢ PB)b, comp. F. 16. vé] z6 F. NII dea] z6 NII F.
17. devpperoa B. 18. alle Bb. 19. AH) corr. ex
AB V. EZ] EZ 46t V.  20. ne{] douw V. ~ Post EZ
add. pijxer Vb, m, 2 B. 21. oty ] om, BFD. 22. ZN]
NZX F.
11*
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ngog MP,  ON mgdg v NP aedpucrgos &pa éotly
7 ON tij NP. loy 6t 4 utv ON tfj MN, 5 6t NP
vj N5 aovppetgog éga éotlv 9§ MN tfj NE =xal
dove ©0 dmd tiig MN evpuetgov @ and vig N5, xel
onrov éndrsgov' of MN, NJE &pa dnral slor dvvaus
UOvoY GUUUETQOL.

‘H ME dga éx 0vVo Ovopdtov éotl xal dvwara
10 A" Omeg &der Osibar.

’

ve'.

Eav yoelov megiéynrar vnd ¢nris xal tig
éx 0vo dvoudrav Gsvn'pag, 1 0 gwelov Ov-
vauévy a}.oyog éotiv ) xalovuévy éx 61;0 pé-
6oV WYWTT.

Ieguegéodm yap yoelov 10 ABI'A vmo Gyrijg
tijc AB xel viig éx d¥o dvopdrwv desvrégag tig AA°
Aéym, Ote 7 10 AT ywpiov Suvvapévy éx dvo péoov
ety éoTiv.

‘Emsl pag éx dvo dvopdrav dsvrépn dotly §) A d,
dingijedw &lg Ta dvipare xate vo E, dore to ueifov
Svoue elvas 10 AE of AE, EA &ga fyvel loe dv-
vepsr uovov ovpusteol, xal § AE tig E.d usifov 00-
vator T amd cvppfrgov favri), xal 10 farrov Svopa
1 Ed ovpuetgdv doti vy AB wijus. verpriobe ) EA
0lyee xave ©0 Z, xal t@ dnd vig EZ loov mege v
AE mogafeplicba élAsimov slder tevpayave o vmd
tov AHE" obupstgos dge 7 AH vfj HE wijner. xal

1.70 MPV.  ovwwg 5 V. jv] om. BFb. MPF.

dotw doe F. 2. PN P. NMP. 4 vig] (prius) om. Fb,
m.2B. NZ] ME F b. eloww B. 6. povovoy P. 7. éx ]

7 éx Pb. 12, éx] % #x b. - 14. Post yee del. 76 B. 18,
yeg] om. Fb, m. 2 B 20. AE] (alt.) E4 P, corr. in 4
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[prop. XI]. uerum ON = MN, NP= NJ&. quare
MN, NFE incommensurabiles sunt. et MN3®, NE?
commensurabilia sunt, et utrumque rationale. MN,
NE igitur rationales sunt potentia tantum commen-
surabiles.

Ergo ME ex duobus nominibus est [prop. XXXVI],
et ME® = AI'; quod erat demonstrandum.

Lv.

Si spatium recta rationali et recta ex duobus no-
minibus secunda comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duobus mediis prima, quae
uocatur.

Spatium enim A BI'A rationali 4B et recta ex
duobus nominibus secunda 4 4 comprehendatur. dico,
rectam spatio A4I" aequalem quadratam ex duobus
mediis primam esse.

nam quoniam 4.4 ex duobus nominibus secunda
est, in E in nomina diuidatur ita, ut .4 E maius nomen
sit. itaque 4E, E A rationales sunt potentia tantum
commensurabiles, et 4 E? excedit EA4® quadrato rectae
sibi commensurabilis, et minus nomen E A rectae 4B
longitudine commensurabile est [def. alt. 2]. iam E4
in Z in duas partes aequales secetur, et quadrato EZ?
aequale rectae 4E adplicetur 4 H>< HE figura qua-
drata deficiens. itaque 4 H, HE longitudine commen-
surabiles sunt [prop. XVII]. et per H, E, Z rectis
AB, I'4 parallelae ducantur H®, EK, Z 4, et paral-

m, rec. s&loww PB. 21, 7iig E4] mg.m. 1 P. 22. fascoy
P, comp. F. 23. AB] A ins. m, 1 F. 24. 73] corr. ex
om I F. 2. 1]z V., 26 4H, HE V e corr.
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dix vév H, E, Z megdiinior fydweayv valg AB, I'd
of HO, EK, Z A, %ol ©¢ pdv AO magalinloyedpue
loov revpdymvov ovvestarm to XN, vg 02 HK ioov
rerpiyavoy 160 NII, xal xelodw dote én’ s0delag slvor
tqv MN 1t} NE' & ebdelag Goo [éotl] xal 9y PN
j NO. xal ovumeminowodo t0 ZII rerpayovov:
pavegov 0 éx tov mpodedsiyuévov, otr ©6 MP uéoov
avedoydv éot twv EN, NII, xal loov vy EA, xal
0te 70 AT ywpiov dvverar 7y ME. Odaxtéov 07, ome
N ME éx 8¥o péoov dotl modty. émel aevpucrods
éovww ) AE vij EA wixer, ovpuergog 6t 7 EA g
AB, aevpuergog dge ) AE tij AB. xal émel ovppe-
190 éotw 9 AH 1fj EH, evpuergds dotu xal 7 AE
éxavépe tov AH, HE. adie 7 AE devpusteog T4
AB wine xai af AH, HE &pa daevpusrool &lov t7
AB. of BA, AH, HE dga ¢nral &lor dvvaper udvov
ovpusTool” ®ete péoov dotly Exdrsgov tvév A0, HK.
@ore xal éxdregoy tov EN, NII upéoov doriv. xal
of MN, NE doo péoor slolv. xal émel ovpuergog %
AH ©f; HE pixei, ovupergév éove xal 10 A0 o HK,
tovréor. 0 EN v$ NII, vovréor ©o amd vijg MN
1. I'd] BI, I'd P, corr. m. 1; 4T Bb, 2. Z4] mut. in

A4Z V, AZ Fb. 8. Post zergeyaovov del. vo NII m. 1 P,
EN B, sed corr. 5 NJ5E] mut. in NZ V. éor/] om. P,
dottv B. 8. NIIJ1IINFelinras. V. 9 ME] MN, NE
corr. e MNE V; mg. m. 1 yo. MN, N& b. 9¢ V. 10.
uédov F, corr. m. 1. émel yae F. 12. &ou)] &ox ual V,
&oo Zovy F.  Post 4B add. pijnEL V, m.2B. énel] om, P.
13. EH gZHE F. douy B.  14. alid — 16. xal] nal done

(éo'tw B) énvy 4 AE: 611:11 oo xel smxté(m oy AH (4E F),
nol émel adupy.steoc doriv 7§ AE tj AB, ovupereos 63':

‘n AE Exatéon Tdy 4H, HE, e/ (om. B) 'Fheon (BF#

dea] m, 2 F. wy.yszgoz BF sed corr, slow PB 16

Post 4B add. pwijxee m. 2 B.  BA] om. P.  eloww B,  18.

40t PV, comp. Fb. 19, ele/ V, comp. Fb.  Ante % add.
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4 HE Z lelogrammo 4 ® aequale con-
struatur quadratum X N, par-
allelogrammo HK autem
N1, et ponantur ita, ut MN,
P NE in eadem recta sint;
itaque etiam PN, NO in
eadem sunt recta. expleatur
quadratum XII. tum ex iis,
quae antea demonstrata sunt

= 0 [prop. LIII lemma)], adparet,
MP medium esse proportionale inter XN, NII et
= Ed [p. 162, 1], et esse ME® = AT [p. 162, 5].
iam demonstrandum est, M5 ex duabus mediis primam
esse. quoniam AE, EA longitudine incommensura-
biles sunt, et EA4, 4B commensurabiles, 4E, 4B
incommensurabiles erunt [prop. XIII]. et quoniam
AH, EH commensurabiles sunt, etiam A E utrique
AH, HE commensurabilis est [prop. XV]. uerum
AE, 4B longitudine incommensurabiles sunt. quare
etiam AH, HE rectae 4B incommensurabiles sunt
‘[prop. XIII]. itaque BA et 4H, HE rationales sunt
potentia tantum commensurabiles. quare utrumque 46,
HK medium est [prop. XXI]. quare etiam utrumque
XN, NII medium est. itaque etiam MN, N5 mediae
sunt. et quoniam 4 H, HE longitudine commensura-
biles sunt, etiam A4®, HK, hoc est ZN, NII siue
MN?, N5? commensurabilia sunt [VI, 1; prop. XI].
et quoniam AE, EA longitudine incommensurabiles
sunt, et 4E, 4H commensurabiles, et E4, EZ com-

oty BVb, m, 2 F.  20. xal 70 48] eras. V.  16] o P.
MK F, corr. m. 2.
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t6 émo tiig NE [Bere dvvape elol evppsrgor of MN,
NE|. xel émel dovppuergds éotww vy AE tf) EA pijnee,
aAX 3 udv AE ovpuergos éore vij AH, v 0t EA ti
EZ evpuergog, acvuusrgos dga | AH tfj EZ* dote

5 xal 10 AO v EA aovupcroov dorww, tovréere v0 EN
t¢ MP, rovtéoriv 9 ON tfj NP, zovréoriv § MN
vfj N5 aevpusrgds éote wijner. elydnoayv 6t of MN,
N xal péoor odoar xal dvvduer @vpuetoor: of MN’
NE doo péoar elol dvvaper pdvov ovpuctgor. Aéyo

10 07, Otv xal Gyrov megiéyovew. émel yag v AE dmo-
xetvar Exavépy vév AB, EZ e¥upsrgog, GUUueTgog
Goo xal 9 EZ vfj EK. xel ¢yry éxarvépe evidv: §y-
tov dge 10 EA, rovréers vo MP* 1o 08 MP et ©o
vwo tov MNE. édov 0k dvo péoar Ovvapst updvov

16 OUppETQOL GVVTERMOL JnToY mEQIEYovsaL, 1) OAn dAoyds
dorw, xadelvar 0% éx 0vo péeav mowry.

‘H dga ME éx 0vo péowv dotl_modry’ Omep &0z
dstEau,
vs'

20 'Eav ywelov megiéynrtar vmo dnrijg xal tijg
éx 0b0 dvopdrwv teitys, 7 1O ywelov dvva-
uévy &loydg é6tiv ) xadovuévy éx dvo péowv
devréoa.

Xwolov yag 10 ABI'A mepuexéoda vmd dyrijs thig

25 AB xal tijg éx 0vo Svoparwv toitng tijs A dinen-
pévng &g ve dvdpare xerd o E, ow lusitév dot o

1. dore — 2. N5] om. P.  &ote nal F, sed corr. 3.
dile V. 4. odppergog] om. FVb. devppsteag] corr. ex
ovupsrgog m. 2 F. 5. wovpusreos F, corr. m. 2. " dou BV,
comp. Fb. XNJ]corr.ex ENB. 6 NP)inras. V.. 1.

dotwv P. 8. dvvdpss povoy V. ol — 9. evpueteor] mg.
m. 2 V. 9. glofv B. 10. 4E] in ras. V.  11. 4B] corr.
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mensurabiles, 4 H et EZ incommensurabiles sunt [prop.
XIII]. quare 4@, EA, hoc est XN, MP, incommen-
surabilia sunt, sive ON, NP, hoc est MN, NJ, lon-
gitudine incommensurabiles [VI, 1; prop. XI]. demon-
strauimus autem, MN, N5 et medias esse et potentia
commensurabiles. itaque MN, N5 mediae sunt po-
tentia tantum commensurabiles. iam dico, easdem
spatium rationale comprehendere. nam quoniam sup-
posuimus, 4 E utrique 4 B, EZ commensurabilem esse,
etiam EZ, EK commensurabiles sunt. et utraque
rationalis est. quare EA, hoc est MP, rationale est
[prop. XIX]. uerum MP= MN > N5 sin duae
mediae potentia tantum commensurabiles componuntur
spatium rationale comprehendentes, tota irrationalis est,
uocatur autem ex duabus mediis prima [prop. XXXVII].

Ergo ME ex duabus mediis prima est; quod erat
demonstrandum.

LVIL

Si spatium recta rationali et recta ex duobus no-
minibus tertia comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duabus mediis secunda,
quae uocatur,

Spatium enim 4 BI'4 comprehendatur rationali 4B
et recta ex duobus nominibus tertia 44 in nomina
in E divisa, quorum maius est 4E. dico, rectam

ex EB m, rec. F. EZ] in ras. V. gvppereos] om. F. 12
cdoa fov{ P. EZ] mut. in ZE V, ZE P.  13. tovtéonuv P.

14, MN, N& V. povor) om. BEV, 15. ovvredaoy
PB. flm2F. 16. doue V, comp. Fb. 17. MF] MHZ,
del. Z, . éor{) m. 2 F.  24. §nrijg] supra scr. F. 25

tofrng] supra scr. F. 26, av] v ©6 P.  form BFD.
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AE" Aéyw, ot 7 10 AT ywelov dvvepdvy &ioyds
dorwv 7 nakovudvy éx Ovo péewv dsuripa.

Koteoxsviadw pag ta avre vols modregov. xal
émel éx Ovo Jvoudrawv éotl velzy ) AA, of AE, EA4
dge gnral slor dvvaps povov qvuustgor, xal v AE
viig Ed peifov ddvara ©6 amd ovpuérgov favr), xal
ovderépea 1dv AE, EA 6bppsroog [dovi] tf) AB pnxste.
ouolwg 07 tolg meodedsyuévorg dettousv, 0t 1 M5
dovv 1) 16 A ywelov dvvapédvy, xal af MN, NJE
péeay slol dvvduer pdvov evuuctgor: @ete 7 ME éx
dvo péowv foziv.

dstnzéov 0v), 6t xal devrége.

[Kal] énel dovppergds éoviv 4§ AE vfj AB wixe,
vovréor. 1] EK, ovupsvpog 02 vy AE ©f) EZ, dodp-
uergog doa éotly ) EZ vff EK wixer. noal slov dnral:
of ZE, EK &ga ¢qral elor dvvdps pudvov evuuergo.
uéoov dpa [éorl] 10 E A, tovréor. ©do MP xal megié-
yetar vmd tov MNE: uéoov dpa 6t 10 Umo tdhv
MNp,.

‘H ME épu éx dvo yéomv dovl dsvrdoa: Omeg £dcu
dsibor.

1. 7] supra scr. m. 1 b. 3. xotasxevacda Vb,  yae]
06 V. 5. zloww P, Post AE del. EA &g $nrel elow m.
1P 1 éo'-u% om. P. 8. vois modregov d:deiypévorg Theon
(BFVb). %] m.rec. P. 9. 5] postea ins. F.  xal 3ue
of BFYV. 10. &lotv B. MZE] MZ FV. 11, ozl BV,
comp. Fb.  18. xa/] m. 2 BF, om. Vb. émel odv V. 15,
EZYZEP. EK]JEHP. 16 eloww PB. 17. é6z/] om.
BFVb. tovtéeny P. 18. MN, N5 b. uéooy — 19,
MN 5] mg. m. 2 F. 20. ME] MN, add. £ m. 2 B; MN &
FVb.  apa] supra ser. m: 1 F.  20v{] om. P. 3mep #0as
deitor] om. BFVD,
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spatio 4" aequalem quadratam irrationalem esse ex
duabus mediis secundam, quae uocatur.

Comparentur enim eadem, quae antea. et quo-
niam A4 ex duobus nominibus tertia est, 4E, E4

4 HE Z rationales sunt potentia tan-
tum commensurabiles, et
AE? excedit EA4® quadrato
rectae sibi commensurabilis,
P et neutra rectarum AE, EA
- rectae 4B longitudine com-
mensurabilis est [def. alt. 3].
iam eodem modo quo antea
demonstrabimus, esse
P (o} ME® = AT

[efr. p. 162, 5], et MN, NE medias esse potentia
tantum commensura.blles [cfr. p. 166, 10 sq] quare
M5 ex duabus mediis est.

iam demonstrandum est, eandem secundam esse.
quoniam AE, 4B, hoc est 4E, EK, longitudine in-
commensurabiles sunt, et 4E, EZ commensurabiles,
EZ et EK longitudine incommensurabiles sunt [prop.
XIII). et rationales sunt; itaque ZE, EK rationales
sunt potentia tantum commensurabiles. quare E.,
hoc est MP, medium est {prop. XXI]. et rectis MN,
N comprehenditur. itaque MN >< N5 medium est.

Ergo M5 ex duabus mediis secunda est [prop.
XXXVIII]; quod erat demonstrandum.
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vE.

'Eav yoelov megiéynrar vmd gnrig xal Tijg
éx 0vo dvopdrov terdoTyg, 1 TO ywElov dvve-
uévn &Aoydg éotiv N xadovudvy pelfov.

Xoglov yep 10 A megiegéodeo vmod Jnrie =g
AB xal vijg éx 0¥o dvopdtov rvevdgryg tig A dip-
onuévng sl ta dvdpare xave vo E, dv peifov iortm
160 AE' Aéyw, o1t 1 ©0 AT ywelov Svvapévn dloydg
dotiv 1 na).ovys'm] petlow.

’Enel yag n A4 & dvo ovogmww éotl tevdgry,
of AE, EA dga ¢nral elor dvvape pdvov Guuusrool,
xel 7 AE tijg EA peifov dvvarar T dmd dovpuérgov
favrf], xal ) AE tfj AB oVpueredg [fovc] pijxe. Te-
ruiedo | AE diye xeve vo Z, xel v dnd g EZ
loov maga v AE mepaPefliodo magalinidyooupov
10 vm0 AH, HE' aovupcrgog doa éotlv 71 AH tf
HE pixei. fydocev magdiiniot tfj AB of HO, EK,
Z A, %ol ve Aoume to avte Toig YO TOUTOU PEYOVET®
pavegdy 01, ov ) 10 AT ywelov dvvapdvy éeriv 7
M. Odaxtéov 84, Ove 7 MJE &loydg dotv 7 xadov-
uévny pellov. énmel devuusroog doviv 5§ AH vij EH
urjxer, a6vppueTedy ot xol 10 AO® vd HK, tovréere
t0 EN ¢ NII' of MN, NE oo Ovvdpe sloly

2. mequégerar P, 4, peltw V, sed corr. 8, 7] om. Fb.
AE P. jwelov 7 Fb.  10. lovty P. 11 slow P.  12.
tiig] i b. 73] corr. ex z6 V.  ovupéreov, &- add. m. 2,

BFb. 13. £¢m om. P.  15. 4E] supra 4 ser. 4 b, E in
ras. V. 16, vmo ©éy V. AH] corr. ex AEm. 1 F.  17.
EHY. 18 ZA]mras,seq ras. 3 litt. V, Z in ras. m. 1 B.

loma] supra scr. V. z¢] om, FV. ama] om. F.o21
ovupergog F, corr. m, 2.  Zotuw) Jom. B. 22. rovréorireon: P,
corr. m. 1. 23. 7¢] corr. ex z6 FV.  dea] om. b.  slai

ovupergor V, corr. m. 2.
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LVIL
Si spatium recta rationali et recta ex duobus no-
minibus quarta comprehenditur, recta spatio aequalis
quadrata irrationalis est maior, quae uocatur.
Spatinm enim AI" rationali 4B comprehendatur
et A4 recta ex duobus nominibus quarta in E in
nomina diuisa, quorum maius sit 4E. dico, rectam
spatio AI' aequalem quadratam irrationalem esse
maiorem, quae uocatur.
nam quoniam 4 4 ex duobus nominibus quarta est,
AE, EJ rationales sunt potentia tantum commensu-
4 HE 2 rabiles, et 4E* excedit E4*
4 A
quadrato rectae sibi incom-
B r mensurabilis, et 4E, 4B
® K 4 longitudine commensurabiles
P o sunt [deff. alt. 4]. secetur
AE in Z in duas partes
aequales, et quadrato EZ?
aequale rectae 4 E adpli-
cetur parallelogrammum
z 0 AH>< HE.
itaque 4 H, HE longitudine incommensurabiles sunt
[ prop. XVIII]. rectae 4B parallelae ducantur H®, EK,
Z 4, et reliqua eodem modo, quo antea [p. 166, 1 sq.],
fiant. manifestum igitur est, esse M5® == 4TI". iam demon-
strandum, M irrationalem esse maiorem, quae uocatur.
quoniam 4 H, EH longitudine incommensurabiles sunt,
etiam 460, HK, hoc est ZN, NII, incommensurabilia
sunt [VI, 1; prop. XI]. itaque MN, NE potentia
incommensurabiles sunt. et quoniam 4 E, 4B longi-
tudine commensurabiles sunt, 4K rationale est [prop.

M NE
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dovpusrgor. xol émel ovuusredg dovwv § AE 1j AB
unxer, Onrov éove vdO AK' xal dovw lov Toig dmd
rév MN, NE* ¢quov doa [é6rl] el 0 ovpxeiuevov
é v dwd tov MN, NE xal énwel aevpusrodg
{éoviv] ) AE i AB wixes, zovréeve ©ij EK, dlda
1 AE evpuereds éove i} EZ, acvpuctoog doa 1) EZ
tf; EK wixer. of EK, EZ aoa gnvel elor dvvduer
pévor evpusrgos péeov age ©o AE, tovréer. 1o MP.
xal meguEyetar vmd v MN, NE' péoov doa i
10 Vw0 vov MN, NE. xal ¢nrov ©0 [ovprsipsvov]
éx tev dmo vév MN, NE, xal slow aevppcrgor af
MN, NE dvvduse. éov 0% 0vo evdelor dvvdpes aovy-
HETPOL GVYTERGEL MoLoBGaL TO by ovyxelucvoy fx TGV
o avTeYv TETgaywvaY gnrdy, 1o O Ux alrdy pleov,
N 8y dAoyds doTiv, nadsivar 0t pelfow.

‘H MJE #ga &hoydg éotiv ) xedovuévy pelfov,
xal dvvarer v0 AT yogiov: Omep &0s dstor.

4

vy

Eav ywelov megiégnrar Umo §nrijs xal tig
éx dvo dvopdrov wépming, N 10 ywelov dvva-
uévy &doydg oty 3 xadovuivny $nTov xal pé-
Gov dvvapdvy.

Xoglov pap 10 AT megueyéodm vmd Pnrijs Tis
AB xal g éx 0vo Svopdrev wéumrng tig Ad Ouy-
onuévng &lg ta Svopare xeva vo E, dore vo psifov
Svopa slver 10 AE' Adyw [01), 6ve 7 0 AT ywelov

1.EAP. 2. 4on] éouv P, deindel. H AE 1 ABm.1. 176
ecorm. 1V, 8 MN] NMP. éor/] om. BFVbD, uaz’J
om. b. 5. forrv] om. P.  rovedomy P. all’ F. 6.

dorv P.  1fijwiie P. 7. elow P. 8, zovtéomiv b. 4]
corr. ex 7o m. 1 F. 9. péooy — 10. NE] mg. m. 1 P. 10,
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XIX]. et 4 K=MN?*4 N52 quare etiam MN24 N 52
rationale est. et quoniam 4 E, 4B, hoc est 4E, EK,
longitudine incommensurabiles sunt [prop. XIII], et
AE, EZ commensurabiles, EZ, EK longitudine in-
commensurabiles sunt [prop. XIII]. itaque EK, EZ
rationales sunt potentia tantum commensurabiles. quare
AE, hoc est MP, medium est [prop. XXI]. et reetis
MN, N5 comprehenditur. itaque MN>< N5 medium
est. et MN® 4 NE® rationale est, et MN, N5 po-
tentia incommensurabiles sunt. sin duae rectae potentia
incommensuraliles componuntur efficientes summam
quadratorum suorum rationalem, rectangulum autem
medium, tota irrationalis est, uocatur autem maior
[prop. XXXIX].

Ergo M5 irrationalis est maior, quae uocatur, et
M52 = 4TI'; quod erat demonstrandum.

LVIIL

Si spatium recta rationali et recta ex duobus no-
minibus quinta comprehenditur, recta spatio aequalis
quadrata irrationalis est spatio rationali et medio
aequalis quadrata, quae uocatur.

Spatium enim AI' comprehendatur rationali 4B
et 4.4 recta ex duobus nominibus quinta in E in no-
mina diuisa, ita ut 4 E maius nomen sit. dico, rectam
spatio AI" aequalem quadratam irrationalem esse

vwo] ovyxslpevoy dn V.  cuynslusvor] om. P.  11. éx zdv]
supra scr. F.  xaf {ouv dodpuerpogs ) MN 1§ N5 Theon
(BFVb). 13. ovvte®doiy PB. 14, 8¢ comp. F.  15. éome
BV, comp. Fb.  19. xal z5s] bis b.  26. 8] om. P. 4]
supra scr. m. 1 P,
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dvvauévy &Aoydg éotwv 7 xadovuévy gyrov xal upéoov
Suvauevy.

Koteoxsva 69w pagp te avra voig mgdregov dsdeiyué-
voig® pavegov 01, 6t % 10 AT ywelov dvvaudvy éorly
n ME. dsxvéov 01, orv 7 ME éerww 5 fnrov xal
uéoov dvvaudvy. émel pap aevpusrods foriv  AH
15} HE, dovppscroov doo éotl xal 10 4O t6 OF, tovr-
dors 70 amd tijg MN ©é and tijg N5 ol MN, N&
doa Odvvdus slolv aovupupergor. xal émel v A &
0vo dvopdrov éotl méunry, xol [dotiv] Elacoov avrijg
tufjue ©0 Ed, ovupsroog dox 1) EA vij AB paxe.
alda v AE vjj EA dovww devpusrgog xal 7 AB
dpa 1] AE éovwv aevppergog uijnes [af BA, AE
$nrol elor dvvauer uévov eduucrgol]’ uéeov doo éorl
10 A K, tovtéere vo cvynelpevov éx tov and tav MN,
NE. xal énel ovupergds éotiv ) AE tjj AB wire,
rovtéore vj EK, dAda v AE tfj EZ 6vpuergig éorvwv,
xal 7 EZ éga vfj EK ovpuetods éorv. xal $nry 1
EK: ¢nvov dga xal ©0 EA, vovréers ©6o MP, zovr-
doti ©0 vmd MNE' af MN, NE &ga dvvaue covp-
ueTgol &loL mooDOow TO piv evyxelpsvov éx TV aw
altdv Terpaydvav uésov, to & O alvav $nTdv.

3. naraoucvdodo V, sed corr.  yde] ovv V.  toig mgo-
8edsypévorg Theon (BFVD), b. 8¢ F. 7. HE] corr. ex
EH V. éotlv PB. 8. ziigc NE] oy N5 P. 9. ovu-
usrgor V, corr. m. 2, A4d] 4 e corr. V. 10. dorv] om. P.

12, ail’ F. 13. B4] mut. in 4B m. 2 V, 4B F. 14,
elav B. 16, devppsrgos B, corr. m. 2. 17. ¢al’ F. 4E]
corr. ex BI', ut uidetur, V. é6rs PBV, comp. Fb. 18.
Ante ovppetgos ras. 1 litt, V., xal gnen] énry 8é BF VD,

19. Post EK add. §ntn dex xal 7 EZ V. EA] supra add.
dm. 1b. zovtéoriy P.  tovtéemy P.  20. 9mo oy FV.

MN, N5 B. 21. sleiv PB. 22, 8¢ F.
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spatio rationali et medio aequalem quadratam, Quae
uocatur.
comparentur enim eadem, quae in superioribus de-
monstrationibus. manifestum igitur est, esse M52 = 4T"
4 HE 2 [p 162, 1 sq.]. iam de-
monstrandum est, MJE esse -
rectam spatio rat:ona.h ‘et
medio aequalem quadratam.
ot nam quoniam 4 H, HE in-
commensurabiles sunt {prop.
XVIIl], 4@, @E, hoc est
MN?, NE% incommensura-
7 bilia sunt [VI, 1; prop. XIJ.
< 0 itaque M N, NJE potentia
incommensurabiles sunt. et quoniam 4.4 ex duo-
bus nominibus est quinta, et minor pars eius est
Ed, E4 et AB longitudine commensurabiles sunt
[deff, alt. 5]. werum AE, E4 incommensurabiles sunt.
quare etiam 4B, 4 E longitudine incommensurabiles
sunt [prop. XIII].?) itaque 4K, hoc est MN? 4 N 52
medium est [prop. XXI]. et quoniam AJE, 4B, hoc
est 4E, EK, longitudine commensurabiles sunt, et
AE, EZ commensurabiles, etiam EZ, EK commensu-
rabiles sunt [prop. XII]. et EK rationalis est. itaque
etiam E A4, hoc est MP sine MN>< N5, rationale est
[prop. XIX]. itaque MN, N5 potentia incommen-
surabiles sunt summam quadratorum suorum mediam
efficientes, rectangulum autem rationale.

]
€
N X
N

1) Cum lin. 13 &ee, ?uod edd. post 4E habent, in codd.
omittatur, malui delere «f B4 — lin, 14 edupereor.

Euclides, edd. Heiberg et Menge. III. 12
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‘H ME &go ¢nrov xal péoov dvvauévn éotl xal
dtvarar 10 AT ywelov: Omep é0e deifar.

¥,

Eav yoolov meoiéynrar vmo $ntis xal tijg
éx 0vo dvopdrwv Extng, 1 10 ywelov dvvauivy
dloydg éotiv % xadovuévy dvo péoe dvvauivy.

Xoglov pag 10 ABI'A negieyéodeo vmd Jnrijs Tijs
AB xol tijg éx 0vo voparov Exryg tig A dipen-
uévys &g ta dvduara xare t6o E, dove ©o usitov
Ovope elvar 10 AE" Aéym, ot 4 10 AT Ovvapévy 3
0o péea dvvaudvy éoriv.

Koarsoxsvaodo [pag] te adre tolg mpodedeyuévorg.
pavegov 01, 0te (5] ©0 A dvvapévy Zotlv § MU,
xal O0te aovuuereos éovy § MN v NE dvvausr. xol
énsl aovpuergds éotwy 7 EA tfj AB wijxe, of EA,
AB #ga ¢nrai elor dvvdps pdvov ovpustgol’ pécov
dga Zorl 16 AK, tovréori 0 ovyxeiuevoy &k TadV AT
réov MN, N&. mdhwv, émel acvpuergds oty 5 EA
i} A B wixe, acvppsrgog Goa éotl xal ) ZE 5y EK-
of ZE, EK éga ¢nral el61 dvvaper pudvov evuucrgor:
uéoov gpa éetl 160 E A, rovréore 1o MP, rovrést: o
om0 tdv MNJE. xal éxel dovpustoog § AE 1fj EZ,
xel 10 AK v6 EA covpperoéy éotww. dlde ©o pdv

1. lotiv PB. 6. %] postea ins. F.  péoag P, corr. m. 1.

7. ¢ tﬁs} om. F. 10, 7 — dvwepévy] mg. m. 1 P, %]
(alt.) &loyog farw 7 nadovuéwy Vb, e corr. F.  11. doriv] del,
F, om, Vb, 12. xoracnsvdodm V.  yde] om. P. 13, 7]
om. PF, 156. E4] AEFVbh, EA) AE’'F, in ras. V. 16.
elowv B. 17. dotiv P.  "dnd tév ‘éx tév F. 18. NX]
mut. in N V. 19. Post 4B add. rovtéorivj EX V. éoziv B.

ZE] EZP. 20 of] el of BFb. eloww P. 21, MP]

corr. ex ME m. rec. b.  tovréomy P. 22, 7] douv  FV.
23. aovppsrgos F.
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Ergo M5 recta spatio rationali et medio aequalis
quadrata est [prop. XL], et ME® = AI'; quod erat
demonstrandum.

LIX.

Si spatium recta rationali et recta ex duobus no-
minibus sexta comprehenditur, recta spatio quadrata
aequalis irrationalis est duobus spatiis mediis aequalis
quadrata, quae uocatur.

Spatium enim 4BI'4 comprehendatur recta ra-
tionali 4B et recta ex duobus nominibus sexta A4
in E in nomina diuisa, ita ut maius nomen sit AE.
dico, rectam spatio 4I" aequalem quadratam rectam
esse duobus spatiis mediis aequalem gquadratam.

comparentur eadem, quae in superioribus demon-
strationibus. manifestum est igitur, esse ME? = 4T,

4 HE z__, ° MN, N & potentia in-
commensurabiles esse [p. 176,
6 sq.]. et quoniam EJ,

B XK 4 | 4B longitudine incommen-
P o surabiles sunt [deff. alt. 6],
EA et 4B rationales sunt

M N—E

potentia tantum commensu-
rabiles. itaque 4K, hoc
est MN? 4+ N5%, medium

Z est [prop. XXI]. rursus quo-
niam Ed, AB longitudine incommensurabiles sunt
[deff. alt. 6], ZE et EK incommensurabiles sunt [prop.
X1II]. quare ZE, EK rationales sunt potentia tan-
tum commensurabiles. itaque EA, hoc est MP siue
'MN >< NJE, medium est [prop. XXI]. et quoniam
‘AE, EZ incommensurabiles sunt, etiam 4K, EA
12+*
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AK éovi td ovyxelpsvoy éx vev dmo téov MN, NE,
v0 0% EA ot tdO Um0 vév MNJE dedupsvoov doa
dotl 0 ovpxsipsvov & tdv dnd tévy MNJE ¢ vmd
16y MNJE. xal éove péeov Exdrsgov avrov, xal af
5 MN, NJF Ovvdus eloly aevupcrgor.
‘H ME &ga 0vo péoa dvvaudvy éotl el dvvarar
10 A" Gmeg #0a detbou.

[4ippe.

Eav eodsia yoapun tundy &l dvice, ve dmd tow

10 avicov terpaywve psttovd éote Tov Olg UmO THV dvi-
cov meguegoudvov Spdoymviov.

"Eoro &0dsia 1 AB xal verwodw el dGwoe
xare 0 Iy, nel f6tw peltov v A" Aéyo, 8t ta
and tov A, I'B peifovd éotv tov dig ©md wdw

16 AL, T'B.

Termjodw peg 4 AB dlye xave ©o 4. émsl ovw
s0dela poopuy tévunror &g pdv loa xara vo A, &g
0t dviea xava ©o T 10 &pa vwd tov A, I'B pera
rov and I'd ooy dorl ©6 amd AA° &ove tO WO

20 vov A, ['B Elarrov dovi vov amd AA° vo dga dlg
o tdv AT, I'B &larrov 1 dumddaiéy éove tob amd
Ad. arkie e ano tdv AT, I'B dumddod [éot] vGv
&nd tov Ad, AT te dge and vdv AT, I'B pslfove
dote 1o dlg vmo rav AT, I'B* Smep é0s dsifac.)

25 £
TO dnd tiig &x 0vo dvoudrov wagd $nriv
2. doru]m. 2 F. <7év] om. BFb. 3. MN, N5 V.

2]
wFV. 4 MN, NEm2V. doeztP. péoov] pév ‘J
6. Svvaps V. 8. ljppo] m. 2 P, 10. lowv V, sed corr.
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incommensurabilia sunt [VI, 1; prop. XI]. uerum
AK=MN*+4 N5*, EA=MN><NJ. itaque MN?
+ N5? e¢ MN > N5 incommensurabilia sunt. et
utrumque medium est, e¢ MN, N5 potentia incom-
mensurabiles sunt. -
Ergo M5 recta est duobus spatiis mediis aequalis
quadrata [prop. XLI], et ME? = AT"; quod erat demon-

strandum.
[Lemma.

Si recta linea in partes inaequales secatur, qua-
drata partivm inaequalium maiora sunt duplo rectan-
4 gulo partibus ireequalibus comprehenso.
Sit recta 4B et in I' in partes inaequales
4 secetur, et maior sit 4I. dico, esse
r AT +TB: > 2 A4I' < I'B.
nam 4B in 4 in duas partes aequales secetur.
~B jaum quoniam recta linea in 4 in partes aequales secta
est, in I"'autem in inaequales, erit AT><I'B+4 I' A= AA4*
[11,5]). quare AT'><XI'B<L A4, itaque 2 A< I'B<2 A4,
est autem A I'B}=2(4. 45 4 4T%) [11, 9]. ergo
AT+ I'B*>2 AI'>< I' B; quod erat demonstrandum].*)

LX.
Quadratum rectae ex duobus nominibus rectae ra-

1) Cum Euclides iam r(;};. XLIV p. 128, 17 hoc lemmate
tacite usus sit, param cretfib' e est, id ab eo ipso hic demum
additum esse. quare puto, lemma ab interpolatore adiectum
esse, quem fugerit, id iam antea usurpatum esse. facile ad-
paret res ipsa ex II, 7.

gloe V.  dwlowv tijg 8ing tunpoarwy V. 12, foro yde F. 13,

peifov vo AT P. 18, J) corr.ex BF. 17. yoauun 7 AB V.
19. ¢x6 tiig Vb. TI'd]inras. V, I P. 16 44 V.,
20. flacgoy P, comp. Fb, tijg A4 V. 22. g A4 V.
dots] om. P. 24, zév] om. P.  25. »9’, corr. m. 2, F.
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wogafaliopsvov mwAdrog mwouel v éx dvo dvo-
LET@Y TEBTYV.

"Eorem éx 0vo OSvoudrov 1 AB duonuévy &l to
ovdpara xare vo I'y dove o peifov Gvope slvew o
AT, xal éxxeiodeo ¢ney 7 AE, xel ©d dnd vijg AB
loov mwaga ty AE megafefiiedw 10 4EZH midrog
mowovy iy AH* Aéyw, 6ve 7 AH éx 0Yo dvopdrav
dotl moarTy.

Hegafepiodo yop maga iy JE 6 piv dmd
vijg AT loov ©0 40, ¢ 0% and vijg BI' iGov 7o
KA domov doa 70 dlg vmd v AT, I'B igov éorl
0 MZ. verunedw  MH 0{ye xara v0 N, xal mog-
dAindog fy0® N NE [éxavépe tov MA, HZ). éxa-
rsgov doo tdv M, NZ igov éotl v dmef Omo tév
ATB. xol émel éx 8vo dvoudrav éotlv 4 4B dinoy-
uévy & vo ovopata xara vo Iy af AT, I'B dgo §7-
val &lor Svvdpst wovov GUUWETQOL' Ta &Qa AWO TGV
AT, I'B nrd éove xal evpuctoe @ilijlog dove xol
10 ovynelpsvov éx tév and tov AT, I'B [evupsrody
éore tolg and tdv AT, I'B" ¢nrov dpe é6rl 10 6vy-
xetpevov éx tov and 1év A, I'B). xal ovw loov
vy AA" dnrov &g éoti v0 AA. xel mega gnryy vy
A E noagaxestar’ §ney doa dotlv ) AM xal evpucrgog
tfj AE wijxer. modw, inel of AT, I'B ¢qrai sioc

25 dvvduse pdvov evuustool, uéeov dga derl To Olg Umo

tov AT, I'B, tovtéor. ©o MZ. xal maga ¢qrvipy iy
M A mogdxsivor $yry dou xel 1§ MH éovt xel dedu-

5. @] corr. ex 6 m. 1 F.  4B] 4 e corr. B. 9. 4]
corr. ex ©6 m. 1 F. 10. 76] mut. in zé m. 1 F. 40] ©
e corr. V. @] corr. ex 7o m. 1 F, 11 dov{] m. 2 F. 12
diza m. 2 V. 13 NE] N eras. F, & b. xocépe — HZ]
om. 14, Post dox del. tav AH'V. NZ] corr.ex N5
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tionali adplicatum latitudinem efficit rectam ex duobus
nominibus primam.

Sit 4B recta ex duobus nominibus in I'" in nomina
diuisa, ita ut maius nomen sit A4 I, et ponatur ratio-
4 KM N H nalis 4E, et quadrato 4 B?
( ( aequale .rectae A4 E adplicetur

i A EZ H latitudinem efficiens 4 H.
E 84 & Z Qico, AH rectam esse ex duobus
4 r B  nominibus primam.

nam rectae 4 E adplicetur 40 =|4I"* et K A= BI,
itaque reliquum [II, 4] 2 4I'><I'B=MZ. iam MH
in N in duas partes aequales secetur, et N5 parallela
ducatur. itaque M =NZ=AI'><TB. et quoniam
AB ex duobus nominibus est in I'" in nomina diuisa,
AT, I'B rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. itaque 4 I, I'B® rationalia
sunt et commensurabilia. quare etiam 4I' 4 I'B?
[prop. XV]. et 4T'® 4 I'B*= 4 4. itaque etiam 44
rationale est. et rectae rationali 4E adplicatum est;
quare AM rationalis est et rectae 4E longitudine
commensurabilis [prop. XX]. rursus quoniam AT,
I'B rationales sunt potentia tantum commensurabiles,
2A4I'><TI'B, hoc est MZ, medium est [prop. XXIJ.
et rectae rationali M4 adplicatum est. itaque MH
rationalis est et rectae M4, hoe est 4E, longitudine

m.1F 16 A, 'B inras, V. 16. af] xal «fl V. 18,

dori]eloe BFb. xal](alt.) om. V.  19. Post I'B del. xas dorw

foov F.  coduppereov — 20. I'Bl mg. m. 1 P. 20, ¢prov —

21, I'B] om. P. 22, 4A4] 4 e corr. FV, 44 P. 6] z6 F.
447 corr. ex 44 m. rec. P. 23. dM] corr. ex 4 H m.

2 F. " 27 dox lov{ BFVb, xa/] om. V. “éou] om. BFVb.
svupergog F, corr. m. 2.
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peTgog tf MA, vovréere v AE, pixe. Eove 0% xal
7 MA ¢y xel vfj AE pijxst 60ppstgog” ¢ovppuergos
Gga dotlv ) AM i MH wixe) xel elov $nrai ol
AdM, MH égo ¢nrai stor dvvapst povov ovuueror’
& 0vo &pa Svoudrov foriv 1 AH.

Adsinréov 31, du xal wodTy.

’Enel tov and tov AL, I'B uéoov dvdioyév éore
70 Um0 tév ATB, xal tdv 46, K A fga pééov dvd-
Aoyov éor. 10 ME. demwv doo og t0 4O meds 1o
ME, otrwg 10 ME mpdg v0 KA, roveéerv aog § 4K
wedg v MN, 17 MN mds v MK* vd dga Umd
vov 4K, KM icov éotl © and tijgc MN. xel émel
ovpucrpdy fore to and tijg AI' ve dmd vijg I'B, ovy-
petody ot xel 10 4O 16 KA dove xal § AK 1t
KM evppergos éotwwv. xol émel uelfove ot te amd
tdv AT, I'B vod dlg vnd vév AT, I'B, ueitov &oe
%ol 10 4 A vov MZ' dove xel § AM viig MH pelfov
doviv. xal oty loov 6 Vmd vév 4K, KM 16 amd
tiig¢ MN, rovtéort ©6 rerdpro tov axo tig MH, xal
ovupsrgog ) AK vif KM. éow 0t dau dvo eddeiar Gvi-
oot, T O} terdgre pépse Tov Amod vijg éAdacovog ioov
nepe tay uelfove nepafindy éAdsinov side Terpaydve
xal elg ovpueron avriy diugf), 1 peilov vijg édocovog
usilov dvverar ©e dmd ovupéroov Sovryit 1§ A M doa
vijg MH psifov Ovvarar t6 amd ovppérgov Savr.
noi eloe gnrel af AM, MH, xal 7 4 M psifov Svope
ov6a alpueteds éove tf dxxeipévy Oty v AE wijxee.

1. MA] AM in ras. V. fory PB. 8. 4M] Ma P.

xel &la] e corr, V. gloy B. 4, aM, MH doa] e

corr, V. 5, &ea] supra scr. F, om. P, 7. Post énwel add.

yée BVb, F m. 2. 8. A, ’'Bm, 2V, 10. 4K] X
inras. V. 18. I'B] Bl inras. V.  16. KM prxer ovp-
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incommensurabilis [prop. XXII]. uerum M rationalis
est ef rectae 4 E longitudine commensurabilis. itaque
dM, MH longitudine incommensurabiles sunt {prop.
XTII1]. et sunt rationales. itaque oM, MH rationales
sunt potentia tantum commensurabiles. ergo 4 H ex duo-
bus nominibus est [prop. XXXVI]. iam demonstrandum,
eandem primam esse. quoniam 4I"><I"B medium est pro-
portionale inter 4 I'%, I" B? [cfr. prop. XXI lemma), etiam
M5 medium est proportionale inter 40, KA. itaque
AO:ME=M¥:KA4,hocest[V],1] 4K: MN= MN: MK.
itaque 4K >< KM == MN? [VI, 17). et quoniam
AT, I'B? commensurabilia sunt, etiam 46, KA com-
mensurabilia sunt. quare etiam 4K, KM commen-
surabiles sunt "[VI, 1; prop. XI]. et quoniam est
A% + I'B? >2 AT'>< I'B [u. ad lemma), erit 4 4> MZ.
quare etiam 4AM>MH [V], 15V, 14]. et
AK >< KM = MN? = { MH?,

et 4K, KM commensurabiles sunt. sin datae sunt
duae rectae inaequales, et quartae parti quadrati mi-
noris aequale spatium maiori adplicatur figura qua-
drata deficiens et eam in partes commensurabiles
diuidit, maior quadrata minorem excedit quadrato rectae
sibi commensurabilis [prop. XVII]. itaque 4 M? ex-
cedit MH? quadrato rectae sibi commensurabilis. et
AM, MH rationales- sunt, et maius nomen A4 M
rectae rationali propositae 4 E longitudine commensu-
rabilis est.

uetgds dore V. Post doriv add. pijxer m. 2 B, 16. zod
— I'B] supra ser. F. 18, Z6t/ PVb, comp. F.  20. Post
KM add. pixee V, m. 2 B. dor PB. 23. dwatesi b,

24. Ante peitor ras. 1litt. F. 26, 0] ©6 V. 26, xel §§ —
27. dow] in ras. . 26, 4M] MH P, HM Fb.
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‘H 4H égo éx V0 dvopdrov éotl modty” Omep
&0er dctkar.
Eo'.

To and zijg éx 0vo ué6wv mwpatng waed ¢1-
v mopafalidusvor wAdrog movel TV éx dvo
dvoudrov dsvrégav.

"Eote éx 0vo pécov mewtn 7 AB dinonuévy &ls
rag uéoas xnota 10 I, v peltov f AT, xal éduxelodo
énry 7 AE, xal wapefefiiode megd vy JE to dnd
vijg AB loov magaiiniopgappov ©0 A4 Z midrog moLovy
vy AH' Aéye, Stu ) A H éx 0vo bvoudrov éorl devrépa.

Kareoxeviodo yog ta avve toig mwed rovrov. xal
énsl 7 AB éx 0vVo péowv éovifmoaty diponuévn xare
20 I’y «f ATy I'B &pa péoar &lol Ovvaues uévov
oUuuETEOL gnTdY WeeLégovea @B6TE xal TR AWO THY
AT, I'B uéoa éoviv. péeov doa éorl td 4 A. xal mwapa
Sneiy vy AE mogeféBinran: dnryy doo dativ § M4
xal devppergog ) AE pixer. medw, énel $qrov éom
70 dlg Um0 tov AT, I'B, ¢nrov éove xel 10 MZ. xal
waga $nripy Ty MA megdaxertar §nry oo [éotl] xal
% MH xal ugrst evpperoog ) M A, tovtéer: ©f] A E*
acvpuergog coa éotly 1 AM v MH pixe. xel &loe
¢nral: of AM, MH dga ¢nval elor dvvdust udvov
ovupergor’ éx dvo dga dvopdrav éotlv § AH.

1. dvoparw b.  Smse #der 8zifer] om. BF Vb, comp. P. 8.
g8’ F. 4. gnrijs B, sed corr. 7. €6tw] e corr. m. 2 F, 9,
noge iy JE meafefiicfo P. 10. 4B] corr. ex A4 m.
1b ooy ©é6 P. 12, naracxevacd®o V.  14. of] in ras.
m. 2 B.  slety B. 16. dotlv] dovi PB, comp. Fb, elo/ V.
17. nmagaxeizer Theon (BF VL),  19. or] om. B. ~ 20. @,
supra scr. oy P, dor{] om. BFVb. 21. adpuszoos wijxss V.
I?A]éw e corr. V. 22, dorlv] om, V. pgwer v MH V.
&gy D.
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Ergo 4H ex duobus nominibus prima est [deff.
alt. 1]; quod erat demonstrandum.

LXI.

Quadratum rectae ex duabus mediis primae rectae
rationali adplicatum latitudinem efficit rectam ex
duobus nominibus secandam.,

Sit 4B recta ex duabus mediis prima in I' in
medias diuisa, quarum maior sit 4I', et ponatur ra-
4 KM N H tionalis 4E, et rectae 4E adpli-
I‘ cetur quadrato .4 B? aequale par-

f allelogrammum AZ latitudinem
E 04 & 7 officiets 4H. dico, 4H ex duo-
4 I' B  bus nominibus secundam esse.
nam comparentur eadem, quae in priore propositione.
et quoniam 4B ex duabus mediis prima est in I’
divisa, A, I'B mediae sunt potentia tantum com-
mensurabiles spatium rationale comprehendentes [prop.
XXXVII}. quare etiam AI?, I'B? media sunt [prop.
XXI]. itaque 4.4 medium est. et rectae rationali 4E
adplicatum est. itaque M rationalis est et rectae
A E longitudine incommensurabilis [prop. XXII]. rursus
quoniam 2 4I'>< I'B rationale est, etiam MZ rationale
est. et rectae rationali M4 adplicatum est. itaque
etiam MH rationalis est et rectae M. longitudine
commensurabilis [prop. XX], hoc est rectae 4 E. itaque
AM, MH longitudine incommensurabiles sunt [prop.
XTII]. et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4H ex
duobus nominibus est [prop. XXXVI].
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dextéov 01, 0tr el devrédpe.

‘Enel yop ve dnd tév AT, I'B pslfovd éoti vob
dlg 9md tov AT, I'B, usifov ape xel 16 44 vov
MZ- dove xal 7 AM vijig MH. xol émel evppergov
dats 70 amd vijg AT =6 amd tijg I'B, ovpuerpdv dore
xal 10 46 ©9 KA @ore xal 1 AK vfj KM ovpue-
190g forww. xal fot ©0 vmd tév AKM loov ¢ and
tiis MN* 3 AM &ge viig MH petfov dvvaror 16 dmd
ovpuérgov éavril. xal éotiv 7 MH eduusrgog tij 4E
prjuee.

‘H 4H dga éx dvo Svopdrov derl devrépa.

&

TO amo z7g éx 0vo péowv devrépas mapa
¢ty magafalldusvov midrog moisl TRy éx
dvo dvoudrav TolTnV.

*Eoreo éx 0vo péewv dsvrépa 7 AB digonuévy &ls
rog pédag xare ©0 Iy, dove ©o peifov tuijue sver 7o
AT, ¢yry) 8¢ mg fovw % AE, xal nage v AE 6
and tijg AB loov nagallnﬂ.dygayyov nagaﬁaﬂﬂ.ﬁo‘&m
10 AZ mhdrog mowoty iy AH" Aéyw, Ot 11 AdH éx
dvo dvoudtov forl 'zgl.-n)

Kareoxcveadw va avra volg mpodedsiypévors. el
énel &x Ovo péowv devréga fotlv 1) AB diponuévy
xara 0 I, of AT, I'B épa péoar elol dvvaps povov
avpusTgoL uécov megLéyoveat’ @ote xal TO Guyxeluvoy

3. AT] T'in ras. m, 1 P. 7. éorrv] dems BV, comp. Fb.

doti] dorv P. A4KM] K corr.exMm. 1 P; AK KM corr.
ex 4K, NM V. 8. MH] corr. ex MNm. 1b. ddvarar
peitov V. 12 £p°] corr. ex &y’ F.  15. évopdzws] corr. ex

péowoy m. 2 B, zelzny] in ras. m. 1 B, 16. fotw] in ras.
m. 1 B. 18, #tw] yeyovézw V. JE] inras. m. 1B,  mjy]
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iam demonstrandum est, eandem secundam esse.

nam quoniam A4I™ 4 I'B*> 2 4I' >< I'B [prop.
LIX lemma], erit etiam 44> MZ. quare etiam
AM> MH. et quoniam A4I'%, I'B* commensurabilia
sunt, etiam 4®, K4 commensurabilia sunt. quare
etiam 4K, KM commensurabiles sunt [VI, 1; prop.
XT]. et AK><X KM= MN? [cfr. p. 184, T 8q.]. itaque
AM? excedit MH® quadrato rectae sibi commensu-
rabilis [prop. XVII]; et MH, 4E longitudine com-
mensurabiles sunt.

Ergo 4H ex duobus nominibus secunda est [deff.
alt. 2].

LXIL

Quadratum rectae ex duabus mediis secundae rectae
rationali adplicatum latitudinem efficit rectam ex duo-
bus nominibus tertiam.

Sit 4B ex duabus mediis secunda in I' in medias
diuisa, ita ut maior pars sit 4T, rationalis autem sit
4 KM N H AJE, et rectae 4 E quadrato 4 B?
aequale parallelogrammum 4Z
adplicetur latitudinem efficiens
E ©4 & Z 4H. dico, 4H ex duobus nomi-
4 I B  nibus tertiam esse.

comparentur eadem, quae in superioribus demon-
strationibus. et quoniam 4B ex duabus mediis se-
cunda est in I' diuisa, 4T, I'B mediae sunt potentia
tantum commensurabiles spatium medium comprehen-

$yenw iy . z6) corr. ex vé m. 1 F. 20 zjw] corr. ex

zom. 1 B, 26 F. ~ 22. xal xareonsvacdo, del. xel, F; xozo-

oxevaodw yee V.  xal] postea ins. F.  23. dorl devréea P.
24. ’'B] 'in ras. V.”  péoos Je V.  sloly PB.
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& 1ov and tav A, I'B péoov Zoviv. xal éoviv
loov v AA* péoov oa xal 16 AA. xol megaxsirar
mage gy iy AE' §nuy doa éotl xal § MA xel
acdppcroog tff AE pixst. Oie ta avte 0y xal 7
MH §ney éore xal devpuergog v M A, rovréore i
AE, wixer ¢qry) dpo éoriy Exevéon tdv AM, MH
xal dovppergog v AE pijxe. xel émel devuppsreds
éovv ) AT vij I'B wixer, wog 0 § AT meds viv I'B,
otrwg ©0 and tijg AT meds ©d vwd tév AI'B, dovu-
uetgov Goa xal td dmd tijg AL v vmd vdv AIB.
@ore xal To Ouvpxslpevov éx tdv amd tov A, I'B
te Olg md rdv A'B aevpucrgdy o, tovrégr: To
44 w6 MZ' Gove xal § AM ©fj MH devpuerods
dotwv. xal &l fnral éx 0Vo dpa Ovopdrwv Zotly
n 4H.

dexvéov [01], Ote xal Toiey.

‘Opolwg 07 tols meorégoig émihoyrovucde, Ove pei-
fov éotlv 9§ AM g MH, xal evppergos  AK 4}
KM. xel dovi 70 md tdv AKM idov t6 dnd vijg
MN- §) AM ége tijg MH psitov dvvatar v¢ damd
ovppérgov favry]. xal ovderéoa tov AM, MH ovu-
peteds éote v AE wijxe.

‘H A4H aga éx 8Yo dvoudrov fotl telry” Omeo
& deitau.

1. éx tdy] om. Fb, m. 2 B.  Zotiv] d6v/ PBVD, comp. F.

2. maganstzar]om. V., 3. wiy AE §neiy P.  dotlv B.  mal
om. B. JMP. 4 dd] xal Sud F. 6. $nzp — 7. pijnee
mg. m. 2 V., 6. MN V. 8 zj I'B — 7 ATI'] supra scr.
m 2 F. 9 zig] zév B. AT, B4 B. ovppezeoy B, com.
m, 2. 10. 1] corr. ex = V. T} corr. ex z6 m. 2 P,
AT, TBV. 11, 'Bl om.P. 12. 4BI' P. don PBFYV,
comp. b. 6] té F. 13. 44] 44T et, eras. 4, b. naf]
om. B. 14, 46z PBYV, comp. Fb. 16, 8] om. P. 17.
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dentes [prop. XXXVIII]. quare etiam A4I'* 4 I'B®
medium est. est autem A4I% 4+ I'B® = 44. itaque
etiam 4.4 medium est. et rectae rationali 4E ad-
plicatum est. itaque M. rationalis est et rectae 4 E
longitudine incommensurabilis [prop. XXII]. eadem
de causa etiam M H rationalis est et rectae M A, hoc
est 4 E, longitudine incommensurabilis. itaque utraque
AdM, MH rationalis est et rectae 4E longitudine in-
commensurabilis. et quoniam 4I', I'B longitudine in-
commensurabiles sunt, et AT':TB=AI*: AI'>XI'B
[prop. XXI lemma], etiam 4I'? et 4I'><I'B incom-
mensurabilia sunt [prop. XI]. quare etiam 41"+ I'B?
et 24I><TI'B, hoc est 44 et MZ, incommensura-
bilia sunt. quare etiam 4 M, MH incommensurabiles
sunt {VI, 1; prop. XI]. et sunt rationales. ergo 4H
ex duobus nominibus est [prop. XXXVI].

demonstrandum, eandem tertiam esse.

eodem igitur modo, quo antea [p. 188, 2 seq.], con-
cludemus, esse 4M > MH, et 4K, KM commensu-
rabiles esse. et 4K > KM = MN?® itaque 4M?
excedit MH? quadrato rectae sibi commensurabilis
[prop. XVII]. et neutra rectarum JM, MH rectae
A E longitudine commensurabilis est.

Ergo 4H ex duobus nominibus tertia est [deff.
alt. 3]; quod erat demonstrandum.

85) 86 V. moéregov BFb.  6mi] corr. ex 7t m. rec. P. 19,
A4KM] 4 e corr. V, corr. ex 4 m. rec, P. 21, svppézgov]
¢ in ras. V. 22 domiv PV. 23, Gmee & deifai] comp. P,
om. BFVD,’
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T6 amo z1js pelovog mwaga gnnv magafal-
Aopevov midrog moiel tnv éx dvo Svopdraov
TETRQTNY.

"Eorw peltov 1 AB dinoquévy xare 7o I'y dore
pectova elvar v AL wiig I'B, gyon 0 § AE, xal
t amd tig AB loov maga iy AE megefefiiodn
10 AZ mapalinidyoaupov midtog mototv v AH
Aéyw, 610 7 AH éx dvo dvopdray fotl verdory.

KateoxsvadoBo ta adre toig meodsdaiyuévorg. xal
énel peitov éotiv 9 AB dupenuévy xere ©0 I, af AT,
I'B dvvapss elolv dovupergor motovear ©o piv Guy-
xelusvov éx tov 4x avTdv TErgaywvey dnTdv, TO OF
% aUrdv pédov. Zmel ovv ¢nrdv dom vd cvpxslpsvov
éx tév amd tév A, I'B, fqudv dga éotl 10 A44°
ey dpo xal 7 AM xal ovpuctgog ) AE pijxs.
nddw, émsl uéoov éetl 10 dlg vmd tdv AT, B,
Tovréets 10 MZ, xal mage ¢nrav deve vy M A, dnry
dpo éotl xel § MH xal dovppstoog ] AE mwijxe
aovpusrgog oo éoti xal § AM tvff MH wixet. of
AdM, MH &pe ¢nral &lor dvvause udvov evupustooL’
éx dvo dge Svoudtwv dotly 9 AH,

dextéoy [07)], Ors xal zevdory.

‘Ouolwg 0y deitoucy Tolg medregov, Ot pelfov éorly

1. £’ F, et sic deinceps. 6. ¢n supra scr. =y V. &%
ng V. T.mope — 8. 4Z] mg. m. 1 F. 8. 4H] corr. ex
4dE m 1 F. 9.4 dH] corr.ex AH F. 10. xazacusvdcdo
V. Dein add. yde FV. " meodedaipévorg F, corr. m. 2; mgo-
dedidaypévors P, mg. m. 1 yo. meodedsypévoss. 12. I'B
doa V. elol ovupsreor B, corr. m. 2. pév] supra ser. m.
1F. 13 ¢ BF‘# 16, 44] corr. ex A£4 m. rec. P. 186,
4AM] Mda BVb, "4a’'M F. 17, ATBP. 18. éon:] om.
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LXIII.

Quadratum maioris rectae rationali adplicatum la-
titudinem efficit rectam ex duobus nominibus quartam.

Sit maior 4B in I diuisa, ita ut sit 4I"'> I'B,
et rationalis sit JE, et quadrato 4 B? aequale rectae
4 KM N H JEadplicetur parallelogrammum
4Z latitudinem efficiens A H.

dico, 4H ex duobus nominibus

E ®4 & Z guartam esse.
4 r B comparentur eadem, quae in
superioribus demonstrationibus. et quoniam 4B maior
est in I' diuisa, 4T, I'B potentia sunt incommensu-
rabiles efficientes summam quadratbrum rationalem,
rectangulum autem medium [prop. XXXIX]. iam quon-
iam AI'* 4+ I'B? rationale est, 4.4 rationale est.
quare A4M rationalis est et rectae 4E longitudine
commensurabilis [prop. XX}, rursus quoniam 2 4I"><I'"B
medium est, hoc est MZ, et rectae rationali M4 ad-
plicatum est, etiam MH rationalis est et rectae 4E
longitudine incommensurabilis [prop. XXII]. itaque
AdM, MH longitudine incommensurabiles sunt [prop.
XIII]. quare 4 M, MH rationales sunt potentia tantum
commensurabiles. ergo 4H ex duobus nominibus est
[prop. XXXVI]. )

demonstrandum, eandem quartam esse.

iam eodem modo, quo antea, demonstrabimus, esse

Theon (BFVD). MA4] corr. ex M4 m. rec. b, Md BF.
Deinde add. wapansizar Theon (BF VD), 19, dozév V. 20,
otlv P. 4M] Mecorr.m 1F. Ante of del. xaf F. 21
don] om. P. " 23. &] om. P. 24, 37 tois medregov émi-
doyovus@a, 67 Theon (BFVD),

Euclides, edd. Heiberg et Menge. IIL 13
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9 AM vijg MH, xal Srv 6 vnd AKM loov éotl 6
and vijc MN. Zmel ovv dovuustgdy éote T dmod Tijg
AT 6 ano vig I'B, aovupergov Goa éorl xal ol
40 v KA dore dovuuergos xol 7 AK v KM

b domww, v 0 dar dvo evdelar Evidor, T O Terdere
péoer Tov amd rijs éAdodovog lGov mapalinidygapuov
nwope iy pelfova magafindy éAAslwov &ldsr Tevga-
yove xel elg aovuuctoe avry Oiaigl, 7 pelfov Tig
éidecovog peifov dvviiderar Te amd aovpuéroov favry

10 prjxse: 7 AM &oa vijig MH ypcifov dvvarar T amo
acvpuéroov fevry. xal slow of AM, MH $nral dv-
vape, pévov evuustoor, xal § AM ovupereds fore
v} éxxcuévy $yrf vij AE.

‘H 4H cga éx dvo dvouaroy é6tl terdorn’ Omep

15 &0er Ocléar.

£o'.

To amo tig ¢nrov xal péeov Svvapévys ma-
ea ¢nrnv magafarlopsvor midrog worel Ty éx
dvo dvopdrov népmTyy.

20 “Eotw {¢nrov xel uédov dvvapdvy 1 AB duponuévy
el tog ebPelag xave vo I'y dave pelfove slver oy
AT, xol éxxslodo $nry v AE, xel ve dnd tijg AB
loov mage Tty AE mogafefiijodo t©d AZ midrog
morovy iy AH' Aéyw, 6u 1 AH éx 8vo dvopdraw

25 éotl méumrn.

1. zig] =f V?  MN BV. om0 zaw°V. JKM] supra
add. X V. 3. 7d] corr. ex 7¢? F. 4. dovupcteog] om.
Theon (BFVD). KM dodupeveds doriy Theon (BFVD).

5. dawv BF, ~ 6. Post fsov del. wood tiw peltove F.  mag-
allnidyecppor] om. V. 7, mxgad tny pelfove] om. Fb, m.
2 B. 8, Qwxrpel F, Oratoei prues V. 10. 4M] corr. ex
4HF. 11, ovupérgov F. 13. JE] corr. ex 4HF. 14,
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AM> MH, et 4K >< KM= MN? iam quoniam
AI®, I'B* incommensurabilia sunt, etiam 460, K4
incommensurabilia sunt. quare 4K, KM incommen-
surabiles sunt [VI, 1; prop. XI]. sin datae sunt duae
rectae inaequales, et quartae parti quadrati minoris
aequale parallelogrammum maiori adplicatur figura
quadrata deficiens et eam in partes incommensurabiles
diuidit, maior quadrata minorem excedit quadrato
rectae sibi incommensurabilis [prop. XVIII]. itaque
A M? excedit MH? quadrato rectae sibi incommensu-
rabilis. et 4M, MH rationales sunt potentia tantum
commensurabiles, et 4 M rationali propositae JE
commensurabilis est.

Ergo 4H ex duobus nominibus quarta est [deff.
alt. 4]; quod erat demonstrandum.

LXIV.

Quadratum rectae spatio rationali et medio aequalis
quadratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I in rectas diuisa, ita ut 4I" maior sit,
4 KM N H etponatur 4E rationalis, et qua-
l ‘ drato 4B® aequale rectae JE

| adplicetur 4Z latitudinem effi-
E ©4 = Z ciens A4H. dico, 4H ex duobus

f— { s s .
4 r B  nominibus quintam esse.

omee £dsu deifen] comp. P, om. BFVb. 17 mx;{rpostea. ins,
m. 1F, 20. ¢ner} F, sed corr. 7 AB]l m. 2

13*
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Kareonsvdado ta adra tolg m@d Tovrov. émel ovw
$nrov xal péoov dvvapévy dotlv n AB dugenuévy
xare vo Iy al AT, I'B dpa dvvdues elolv aevpustgor
moovGas TO uly Guyxelusvov éx TGV an avrdY TeTQw-
ydvev pédov, t0 & OF elrdy ¢nrév. émel odu pé-
gov forl 1o Guyxelusvov éx tdv dwd vév AT, I'B,
péeov &oo fatl 16O A4 Bove dqrij doviv ) AM xal
uiixse devupergog v AE. mddw, énel ¢nrov dere v
dlg vmo rdv AI'B, rovréer. 6o MZ, ¢nry dox y MH
xol @Oppergog tfj AE. dovpuetgog doa 1 AM v
MH of A4M, MH dpo ¢qral elo. Svvouer uévov
evpucrgor: éx 0vo dga dvoudrtav éotlv  AH.

Aéyw 01, ove xal méumen.

‘Opolwg yap daydijcerar, 0t 0 vmd rédv KM
loov o1l to amd tijg MN, xel aevpperoos 1 4K ©f
KM wijner: 5§ AM doa tijg MH ysifov dvvaras 16
amd dovupéroov favri. xal elow of AM, MH [§-
ral] dvvduse pudvov ovppetoor, xal 3 éddecov  MH
oduuctgog 1] A E pnxe. :

‘H AH dga éx 8vo dvoudrav éotl wéunry' Omeo
£0e detkou.

.

To amd tijg dvo uéoe dvvaudvys mapa é1-
v neguafaillopsvov mAdrog moiel Tyv éx dvo
Svopdrov Exty.

"Eotw dvo péon Svvaudvy 1 AB dupenuévy xera
©0 I, $nyeyy Ot éorw 7 AE, xol megs iy AE to

1. xeveonsvicdo V. Deinde add. ydoe FV.  mpd tovrov]

gouqov, corr. m. 2, F. 4. tsrpaymvov F, corr. m. 2. 5.
7. xed 76 b, .117]171) 9AI' I'B B et corr.

in 4BI" V. 10. Post 4E add. piixer m. 2 'B. 11, 4M]
in ras. V. 17. ovpuérgov, sed corr., BFb.  {§nraf] om. P,
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comparentur eadem, quae antea. iam quoniam
AB recta est spatio rationali et medio aequalis qua-
drata in I" diuisa, 4TI, I'B potentia incommensurabiles
sunt efficientes summam quadratorum mediam, rect-
angulum autem rationale [prop. XL]. iam quoniam
AI® 4 I'B* medium est, 44 medium est. itaque
A M rationalis est et rectae 4 E longitudine incommen-
surabilis [prop. XX1I]. rursus quoniam 2 4I'>< I'B,
hoc est MZ, rationale est, MH rationalis est et rectae
AE commensurabilis [prop. XX]. itaque 4 M, MH
incommensurabiles sunt [ prop. XIII]. quare 4 M, MH
rationales sunt potentia tantum commensurabiles. ergo
AH ex duobus nominibus est [prop. XXXVI].

iam dico, eandem quintam esse.

nam similiter demonstrabimus, esse 4K >< KM=
MN?2 et 4K, KM longitudine incommensurabiles. itaque
AM? excedit MH? quadrato rectae sibi commensura-
bilis [prop. XVIII]. et 4M, MH potentia tantum
commensurabiles sunt, et minor MH rectae 4E lon-
gitudine commensurabilis est.

Ergo 4H ex duobus nominibus est quinta [deff.
alt. 5]; quod erat demonstrandum.

LXYV,

Quadratum rectae duobus spatiis mediis aequalis qua-
dratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus sextam.

Sit 4B recta duobus spatiis mediis aequalis qua-

m. 2 F. 20. 4H) 4M PBb, 4H in ras. V, maut. in 4 M
m. 2 F.  Gmep £0er deifoe] comp. P, om. BVh,  27. 8’ b.
wiv] §neiv oy F. 1] corr. ex w6 m. 1 F.
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dno vijg AB idov moagafefiiodo 0 AZ midvog
mototy iy AH* Adym, v 1) AH éx 0vo dvopdrov
éatly Exm.

KatsoxsvioBm yep T avve tols mootsgov. xal
émel 7 AB 0vo péex Svvauivy dotl dupenuévn xeve
w0 I', «f AT, I'B dga Ouvvduse elely aevpusrgor
woLoToaL T TE OUyxsluEvoy én TGV T aUTOV TETeR-
yovoy pédov xal ©6 VX avtov uédov xal Er. devu-
BETQOV TO éx TOY AN AUTHV TETQAYBVOY OUPAELUEVOV
6 Un aUTdv @oTe xeve ta meodedspudve wécov
sotly éwdvegov tov 44, MZ. xal moge $quny vaw
AE magdxerar Onry dpa Eotlv éxaripa tdv A M,
MH xol dovppsreos v AE pijxe. xol émsl devpuc-
190y Z06Te 1O Guyxelusvov &x rov amd tév A, I'B
t6 Olg vmo tov AT, I'B, devuuetoov &oa éotl 10
44 tg MZ. dovppergog dgo nal 7 AM vfj MH*
af AM, MH &ga ¢yral &lor Svvipss pdvov cvuus-
Tpoc: &x 0vo doa Svoudrov derlv % AH.

Aéyo 81, Ote xal Exroy.

‘Opolwg 3% midv dslEousy, St ©d vmd rov 4 KM
loov éorl vj3 amo wijg MN, xal 6t 5§ AK vj KM
pijxee éotly devuuergog xed S vo avre O  AM
tiig MH psifov dvvarar v6 dnd devuuérgov éavri)
uixer. xal ovdevépe Ty AM, MH edppcrods one
] xxswpévy fnrq tff AE uixe.

1. leov] looy magalinldyeappor V. 4. xarecnsvicdo V,

ged corr. = 5. dvo] & corr. ex u F. 6. AT) T4 F. 9.
0 ovyncluevoy éx tov an’ avTdw Teroaysvwmy Theon (BFVh).
10. 73] 6 #x vy P, zd] om. b.  mgodedeidaypéve P,
corr. m. 1. 12. wagdnewwtar P. dotiv] fotl xal BFVD.
15. éordv P. 16, MZ] corr. ex M’ m. 1 F.  17. 4M]
corr. ex AM m. rec. P, = 19. 7] om..BV.  20. &j] yde
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4 KM N H drata in I' divisa, JE autem
rationalis sit, et rectae 4E qua-
s — dra:to 43” aequale adplicetur 4Z
e latitudinem efficiens #H. dico, JH
4 I' B  ex duobus nominibus sextam esse.
comparentur enim eadem, guae antea. et quoniam
AB recta est duobus spatiis mediis aequalis quadrata
in I' diuisa, 4TI, I'B potentia incommensurabiles sunt
efficientes summam quadratorum mediam et rectangulum
medium et praeterea summam quadratorum rectangulo
incommensurabilem [prop. XLI}. quare ex iis, quae
antea demonstrata sunt, 44 et MZ media sunt. et
rectae rationali 4E adplicata sunt. quare utraque
A M, MH rationalis est et rectae 4E longitudine in-
commensurabilis [prop. XXII]. et quoniam 4I"* 4 I'B*
et 2 4" >< I'B incommensurabilia sunt, 44 et MZ
incommensurabilia sunt. quare etiam 4M, MH in-
commensurabiles sunt [VI, 1; prop. XI]. itaque 4 M,
MH rationales sunt potentia tantum commensurabiles.
ergo 4H ex duobus nominibus est [prop. XXXVI].
iam dico, eandem sextam esse.
iam rursus similiter demonstrabimus, esse FK>< KM
= MN?, et 4K, KM longitudine incommensurabiles
esse. eadem igitur de causa 4M? excedit MH® qua-
drato rectae sibi longitudine incommensurabilis [prop.
XVII]. et neutra rectarum 4 M, MH rectae rationali
propositae 4 E longitudine commensurabilis est.

Theon (BFVbL). madiv] om. V. Deinde add. roiz meé rovrov
Theon (BFVb). §z:] supra scr. F. 21, XKM] MH F, corr.
indKMH m, 2. 22, &z tavre BV. 28. ovpuérgov BF,
sed corr.
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‘H 4H dpa éx 0vo dvoudrav éotly &xtn® Omep

&0er Feibo.
ks’

‘H 4§} éx 0v0 dvopdroy pijxes 6VUuETQ0g xacl
adry éx 0vo dvopdrav éotl xal i tdfer 3
adT].

"Eorw &% 8vo Svoudrav 7y AB, xal vij AB uixe
ovuustpog ferm 3 I'd' léyw, orv ) I'd éx 8vo dvo-
uetoy Zotl xal tf Toker n avry tf AB.

’Enel yag éx 0vo dvopdrav éorlv ) AB, diperjcde
elg ve dvopare xore 16 E, xel éotw psitov Svopa to
AE' of AE, EB éoa ¢qral elor dvvius povov evu-
uergol. pepovétm wg v AB mpog Ty I'd, otrtwg %
AE modg iy I'Z" nel Aowwy) dga ) EB moog dowwny
v Z4 denv, og 1) AB mpog iy I'd. avpucroog
0 7 AB ©fj I'd wijxe ovpuergog doa éotl xal 1 ulv
AE vjj TZ, 7 6t EB v§} ZAd. xai eloo §nral of AE,
EB' ¢nral dga elol el af TZ,ZA. xal [énel] domiv
g 7 AE mgog I'Z, ) EB mgog Zd. évaldat dpe
éotlv wg ) AE mpds EB, 9 I'Z mpdg Zd. of 6%
AE, EB dvvaps pdvov [slol] evuperoor xel of I'Z,
Z 4 &oo Svvaps uovov elol avuusroor. xel eloL fyral:
& 8o doa dvoudrov detly y I'4d.

Aéyw 81, Ove vfj vaker éovlv 7 avry 1] AB.

omeg £3er dsifon] comp, P, om. BFVb., 5. dguiw P.

ﬁ] m2B. 7.4 —8 ovop.arm:] mg. m. 2 B. 11. évopa]
V. 14, I'Z] mut. in BZ b.  =xaf] in ras. V. 15.
ZA] 42 FV. I'd] corr. ex Ed4 F. ovuperoog — 16.
wixe] m. 2 B. 16. éot{] om. b, m. 2 B. 17. Z4] corr.
ex AZ V. of 4E, EB] mg. m. 2 V. 18. slotr B. émel)
om. P, 19, medg I'z — 20. AE]mg. m. 2B. 19ty I'Z
BY. I'Z — neég] supra scr. F. ojw Z4 V. &pa] om. F.
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Ergo 4H ex duobus nominibus sexta est [deff.
alt. 6]; quod erat demonstrandum.

LXVL

Recta rectae ex duobus nominibus longitudine com-
mensurabilis et ipsa ex duobus nominibus est et ordine
eadem.

Sit 4B ex duobus nominibus, et ' rectae 4B
4 E B longitudine commensura-

‘ ‘ ’ bilis sit. dico, I'd ex
4 duobus nominibus esse et

r z
ordine eandem ac 4 B.

nam quoniam 4B ex duobus nominibus est, in E
in nomina diuidatur, et maius nomen sit 4E. itaque
AE, EB rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. fiat[VI,12] 4B:T'4=A4E:I'Z.
itaque etiam EB:Z 4= AB:I'4 [V, 16;V, 19 coroll.].
uerum 4B, I'd longitudine commensurabiles sunt.
itaque etiam A4 E, 'Z et EB, ZA4 longitudine com-
mensurabiles sunt [prop. XI]. et 4E, EB rationales
sunt. itaque etiam I'Z, Z4 rationales sunt. est
autem AE:T'Z =EB:Z 4 [V, 11). itaque permu-
tando [V, 16) AE:EB=TIZ:Z4. uerum AE, EB
potentia tantum commensurabiles sunt. itaque etiam
I'Z, Z 4 potentia tantum commensurabiles sunt [prop.
XI). et sunt rationales. ergo I'd ex duobus nomi-
nibus est [prop. XXXVI].

iam dico, eam ordine eandem esse ac .4B.

20. oVrwg 5 I'Z V. 21, &lol] om. P, 238. I'd] 4 in
ras. V. 24, 7] om. V. ot¢] on xal BFYV,
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‘H yag AE tijg EB pcifov dvverar firor veh amod
ovupérgov fevt)) 1 TG Gmd dovuuéreov. &l uiv ovwv
1 AE tijg EB ucifov Ovverar t¢ awd dvupérgov
éavrfj, xal 1§ I'Z vijg ZAd petfov dvvijgeror ¢ dmo
cvpuérgov fovefl. xal & udw oluusredg ot ) AE
©fj éxnepévy g, xel v I'Z ovpusteog avrf Eova,
xel die Tovro éxarépa tov AB, A éx dvo dvoudraw
éotl mpary, tovréov. vy tafe 7 avvy. & Ot y EB
oVuucteds fot v éxuspdvy ¢uqrf, xal ) Z4 odu-
uetgds foniv avefj, xol dux vovro mdAw T Take 1
avty &6t vf} AB° é&narépe pig atrov E6rar éx dvo
ovoudrav dsvrdpa. &l O ovderépe vav AE, EB ovu-
uerQog éove vfj dnxespévy ¢uril, ovderépa vov I'Z, Z A4
ovupETog avr) éoves, nel éovv Exatépe Telry. & 0%
7 AE vig EB usifov dvwartar t¢ amd devuuéroov
davrf), wal 9 I'Z tijg Zd psitov dvvarer ve dwo aovu-
uérgov éavri). xal & piv 1) AE oduuereds doti T
dunevpévy $yri, xal 5 IZ ovupcreds fory edri, xew
dotwv énavépa zevdgry. & 0 1) EB, xal 1 24, xol
fovor éxarépa méumry. &l Ot ovderépn tév AE, EB,
xal tov I'Z, ZA oddstépa ovppereds dove T éxxer-
uévy énry, nol ot éxarépa Extm.

‘Qore 7 Tt & Vo dvopdrev wijxs ovpustgog &x

1. AE] corr. ex AB m. 2 F. ziig] corr. ex +fj m. 2 F,

2. dovppérgov] corr. ex gvpuéteov m. 2 B. &l] corr. ex
n V. 3. rig] corr. ex 7 m. 2 F.  dovppéroov b, ¢- supra
add. m. 2 F. 4. 1ﬁgJ corr. ex zj m, 2 V. 4Z V.  3dv-
vionron b.  b. dovpuérgov Fb. 7. I'd] postea add. F, dein
del. BT. 8. &l] postea ins. F. 9. 42 Fb, 10. Post
fotwv del. ) m. 1 P.  voiro] corr. ex 7od m. 2 F. 11, £oroe]
(alt.) Zove b, om. V. 12 dots dsvréoe V. & F. 13, oddd
ovdevéon BF. 14, vofn] gz b. &l 8 %] § 8 b, 185,
Tijg] corr. ex tfj m. 2 F.  ovuuéroov BF, sed corr. 16. ZJ]
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nam AE*® excedit EB*® aut quadrato rectae sibi
commensurabilis aut incommensurabilis. iam si 4E?
excedit EB® quadrato rectae sibi commensurabilis,
etiam I'Z* excedet Z 4% quadrato rectae sibi commen-
surabilis [prop. XIV). et sine 4 E rationali propositae
commensurabilis est, etiam I'Z ei commensurabilis
erit [prop. XII}; quare utraque 4B, I'4 ex duobus
nominibus prima est [deff. alt. 1], hoc est ordine
eadem. siue EB rationali propositae commensura-
bilis est, etiam Z 4 ei commensurabilis est [prop. XII];
quare rursus ordine eadem erit ac 4B; nam utraque
earum ex duobus nominibus secunda erit [deff. alt. 2].
siue neutra rectarum A4 E, EB rationali propositae
commensurabilis est, neutra rectarum I'Z, Z A ei com-
mensurabilis est [prop. XIII], et utraque tertia est
[deff. alt. 3]. sin AE? excedit EB? quadrato rectae
sibi incommensurabilis, etiam I'Z? excedit Z 4 qua-
drato rectae sibi incommensurabilis [prop. XIV]. et
siue AE rationali propositac commensurabilis est,
etiam I'Z ei commensurabilis est [prop. XII], et utraque
quarta est [deff. alt. 4]. siue EB, etiam Z 4 commen-
surabilis est, et utraque quinta est [deff. alt. 5]. siue
neutra rectarum A4 E, EB, etiam neutra rectarum I'Z,
Z A4 rectae rationali propositae commensurabilis est,
et utraque sexta est [deff. alt. 6].

Quare recta rectae ex duobus nominibus longitu-

4Z F.  dvwijcsroar Theon (BFVD). ovppérgov BF, sed
corr. 17, éove — 18, nrp] e corr. F. 19. éomw] supra
scr. m. 1 P, Zoverw FVb, 7] (prius) m. 2 P. nal EoTon
éxatdoo méumtn] mg. m. 1 P,
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0vo Odvopdraw éorl xal T vdfe 7 avvy’ Omsg &0e

dstbar.
gt

‘H tf} éx dvo uéowov grnxes ovpucrpog xal
5 avry éx 0vo péowv éorl xal vf vdEer 1 adryy.
"Eorew éx 0vo uéowv v AB, xal tvjj AB ovuusreos
éotw uqxer 9 I'd* Adym, dvv ) I'd éx 8o péoov éerl
xal ©f tafe 1 avry T AB.
'Enel pog éx 8vo péowv éorlv 9§ 4B, dinoriode
10 &lg rag péoag xeve 10 E* of AE, EB &ga uéoos slol
dvvdust udvov evuustgor. xal yepovérm aog 1 AB
weog I'd, § AE moog I'Z* xal Aowmy) dga vy EB
weog Aowwyy Ty Zd éovw, og 7 AB mpog I'd.
ovuuergog 0t 1 AB 5y I'd pixerr ovuuergog &oa
15 xal énarépe 1oy AE, EB énxevépe vov I'Z, Z A.
uéoar 8% af AE, EB* péoos doa xel af I'Z, Z 4. xal
énel doviv og ) AE mpds EB, ) I'Z mpog ZAd, «f
0% AE, EB dvvdust povov ovuuctpol elow, xal al
T'Z, Z 4 [aga] dvvaus udvov ovuucrol elow. édely-
20 9noav 0% xal péow' 7 I'd &ou éx dvo péowv Zorlv.
Aéyw 04, Svv xal i} Tdker § avry dove vij AB.
'Enel pdg dotiv wog § AE mpds EB,  I'Z meds
Z4d, xal og dge ©6 amd tiig AE meds ©0 Vmd TodV
AEB, oftwmg 0 and tijg I'Z mgdg ©6 vnd vév I'ZA
o5 dvadiat og t0 amd tijg AE mgog ©6 axd vig I'Z,
. 8=sg £3es deifen] om. BFVb. 3. £2° ¢’ in ras. F. 4
™ . 2 B. xel avry] om. Theon (BFVb). . 9 I'a
pnuer V. 8. AB] B4 P. 9. dupenuévn Theon (BFVD).
10. el5] 8¢ V. AE) EAP. slotv P. 12. ww T'a V.
tpw 'Z V. 13.Z4]inras. V, 4ZB. wpw T'a V. 14,
&aé(zpszooc 3¢ b, sed corr.  16. xal  piv AE 13 T'Z (ZI' F),

% 0¢ EB tfj Zd (corr. ex 4Z V) Theon (BFVb). 16. péoar
3é] xal sloe péooe Theon (BFVD). el af] xalb. 17. 4E]
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dine commensurabilis ex duobus nominibus est et
ordine eadem; quod erat demonstrandum.

LXVIL

Recta rectae ex duabus mediis longitudine com-
mensurabilis et ipsa ex duabus mediis est et ordine
eadem,

Sit 4B ex duabus mediis, et rectae 4B longitu-

dine commensurabilis sit I'd. dico, I'4 ex duabus
mediis esse et ordine eandem ac .4B.
A E B nam quoniam 4B ex duabus mediis est,
' in E in medias dividatur. 4E, EB igitur
I' Z 4 mediae sunt potentia tantum commensura-
biles. et fiat 4B:I'd = AE:I'Z [VI, 12]. itaque
etiam [V, 19 coroll.; V, 16] EB:ZA4d = AB:I'4.
uerum AB, I'4 longitudine commensurabiles sunt;
itaque etiam utraque 4 E, EB utrique I'Z, Z4 com-
mensurabilis est [prop. XI]. uerum AE, EB mediae
sunt. itaque etiam I'Z, Z 4 mediae sunt [prop. XXIII].
et quoniam est 4E:EB=IZ:Z4, et AE, EB po-
tentia tantum commensurabiles sunt, etiam I'Z, Z4
potentia tantum commensurabiles sunt [prop. XI].
demonstrauimus autem, easdem medias esse. ergo I'A
ex duabus mediis est.

iam dico, etiam ordine eam eandem esse ac 4 B.

nam quoniam est AE:EB=IZ:Z 4, erit etiam
[prop. XXIlemma] AE*: AEX EB=IZ*:I'Z<Z 4.

ABB. v EBYV. iy 24 V. 18, elol ovppereor BFVD.

19. &oe] om. P, zlol ovppereor BFVDL.  20. 4r'F.  doui
BVYb, comp. F. 22. v EB BYV. ovtwg 7 F. rz
T4F¥.  28.vuw2dV,24F. 24.TZ)2I'F. IZa
supra scr. Z m. 2 V., 25. og] dox ag F.
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ottwg 10 Vmd tdv AEB mgds 1o vmo vév I'Z A.
ovuusrgov 0t ©0 and tijs AE v6 amd vig I'Z° evu-
pergov &oa xal t0 Vmo tév AEB vg vmd vov I'Z 4.
elre obv §nrdv ot 16 Vmd v AEB, xel to vmo
5 rov I'ZA ¢nrov demv [xal dix rovrd ot éx Ovo
uéowv moarn). &ive uédov, ufoov, xal éonv éxarépa
devrépe.
Kal 8w vovvo fovar § I'd tfj AB v vder 3
avry]' Omep &e Oelbar.

10 &'

‘H tvfj pellove ovpperoog xal edry psifov
éativ.

"Eoto pelfov 7 AB, xal vj AB ovpucrgog form
3y I'4: Aéyw, orw  I'd pelfov Zoriv.

15 dueiedw % AB xerd ©0 E° of AE, EB #ga
dvvdper sloly aavuusTeor molotoar To utv Guyxelusvoy
& 1oV an’ avtdv tergayavay ¢nrdv, o 6 U’ adrov
uéoov' xal yeyovérm o avrd vols medregov. xal dmel
dorwv ag | AB moog vy I'Ad, ovrmg 17 v AE mecs

90 tv I'Z »al ) EB mdg tyy Zd, xal g doe 1) AE
ngog v I'Z, otrwg 7 EB meog tqv Z 4. ovpuscrgog
0t 7 AB vy I'4" odYuuctgog e xal éxarépe TV
AE, EB éxovéog vav I'Z, ZA. xol émel éoviv ag 1
AE 7mpog vy I'Z, ovrwmg ) EB mpog tqv 24, xal

25 évaldat dg ) AE meds EB, otnwg v I'Z medg Z A4,
xal ovvdévn doa oty dg 1) AB medg iy BE, ottog

1.I'Z4) 4 in ras. m. 1 b; ’'dZ P, yo. 'Z4 mg. m. 1.
2.0{] corr. ex dge m. 2 F. 76 — 8. doe] mg. m. 2 F. 4.
éorwv B. 6. fotae BFb. el — 6. moairy] om. P. 5. fomav]
comp. post ras. 1 litt. F, #ezar V. 6. &ize péaov 10 vmd wodw
AEB, pécov nal vo 9mé tév I'2Z4 Theon (BF VD). 8. forar]
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permutando[V,16] erit AE*: I'Z: = AE><EB:I'Z><Z 4.
uerum 4E?, I'Z? commensurabilia sunt. itaque etiam
AE > EB, I'Z ><X Z 4 commensurabilia sunt [prop.
XI]. itaque siue 4 E >< EB rationale est, etiam
I'Z >< Z 4 rationale est; siue medium, medium est
[prop. XXIII coroll.], et utraque secunda est [prop.
XXXVII—XXXVIII].

Ea de causa I'd ordine eadem erit ac 4 B; quod
erat demonstrandum.

LXVIIL

Recta maiori commensurabilis et ipsa maior erit.
Sit 4B maior, et rectae 4B commensurabilis sit
I'd. dico, I'4 maiorem esse.
diuidatur 4B in E. itaque 4E, EB potentia in-
commensurabiles sunt efficientes summam quadratorum
rationalem, rectangulum autem medium [prop. XXXIX],
4 .p ¢t flant eadem, quae antea. et quoniam est
AB:I'4d = AE:T'Z et AB:I'4=EB:Z4
7z [efr.p.204,118q.]), erit etiam AE:I'Z=EB:Z A4
Ef L, |V, 11]. uerum 4B, I'4 commensurabiles
l sunt. quare etiam utraque 4E, EB utrique
B I'Z, Z A4 commensurabilis est [prop. XI]. et

om. Vb. xel 7 BFVb., TI'g] Adb. 9. Gmep #3s deifar]
comp. P, om. BFVb.  10. &n'] E seq. ras. 1 litt. F. 11,
pelfore] o eras. b.  14. 8z xel BFb.  I'd] 4 post ras. 1
litt. b.” dot PV, comp. Fb; fotl nal B. 16. 4E] corr. ex
ABF. EB]l m rec. P. &«] m 2F  17. §’] 8¢ F.
v’ abrdv] corr. ex Ymo ey m. 1 P. 18, nal yeyovéro
yeyovéto yag P. 19, 7¢] om. F. 20. EB] BE' F. ujy
om. P.  xal dg &ec] forv doo xal g inras. V. 5 4E — 21.
Zd)] in ras. V. 21. ’'ZYEBV. EB]TZV. wj»]om.
Bb. 22. 4B] corr. ex EBm. 2 F. 24, 7»] (alt) om. P.
26, gy EBV., v Z4 V,
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7 I'd mgog v AZ* nal dg dga o dmo tijg AB
mog t0 dmo vijg BE, otrwg o and tiig I'd meds o
amo vijg AZ. ouolwg O delfoucv, v xal dg TO amwd
tiic AB 7mpdg ©o dmd tijg AE, otrwg ©6 amo vig I'd
6 wpog 10 amd viig I'Z. =xal dg dga td dmo tijg AB
mwedg T dnd védv AE, EB, otrwg 1o amd vig I'd
" wedg T and vy I'Z, ZA' xal évaldel doo éotly
wg vo amo vijg AB meog o amd tijg I'4, otrwg ta
and tov AE, EB meog va and vov I'Z, Zd. ovy-
10 pergov 0% 0 and vijs AB te dxd vig I'd* evpusron
doo xal e and tov AE, EB voig ano vev I'Z, Z 4.
xaf ot ve: and vov AE, EB Guo gnrov, xal te dwd
tév I'Z, ZA4 dpe gnrév fovw. Opolwg 0% xel 10 dig
vno tdév AE, EB ovdpuergdv fore 16 Oig vmd Tdv
15 TZ, Z4. wxal vt péoov ©o dig vmd tév AE, EB:
uéoov Goo xel v dlg Vmo viov I'Z, ZA. af T'Z, Z 4
dge dvvdust aovupcteol &lor moroDowr TO pdv OVYKE(-
uevov éx TéV dx avTdy TeTQapdvey G $nToVv, TO
0t Olg O’ avrdv péoov* OAn dea 7 I'A &ioydg oty
20 7 xodovuévy pelfov.
‘H &po vf] pelbovr ovupcroog pelfov fotiv: ome
&sL Oeitou.
g9,
‘H t] ¢nrov xal uéoov dvvapévy cvppcroos
25 [#al avry] dnrov xal péoov Svvauévy éoriv.

1.ty 4Z] 4B mut. in 4Z m.xec. P; mjw Z4 FV. 3,
4Z) Z4 F. 4. %0 dmwo tijs I'd meds] m.rec.P. 5, 7d] (alt)
e corr. V. 6. 7] v6 Fb, et B, corr. m. 2. 7. zd] 6 PFb,
et B, sed coor. I'Z]I'd F. 8. z¢] w6 F, et B, sed corr.

9. 7et] 70 F, et B, sed corr. I'Z] EZ b, et F, sed. corr.;
Iinras. B. 11. 4E] 4 ecorr.b. TZ] EZ b, et F, sed
corr. 12.td] té F. " 1d] vé PF. 13, forer V.  15. xel
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quoniam est 4 E:I'"Z=EB:Z 4 et permutando [V, 16]

AE:EB =TZ7:Z4, etiam componendo erit [V, 18]

AB:BE=TIA4:4Z. quare etiam 4 B*:BE*=T4%:42°

[VI, 20]. iam similiter demonstrabimus, esse etiam
AB?: AE%* =T4*:TI'Z%

quare etiam AB%:4E® 4 EB?*=TI4:T'Z7 4 Z 4

permutando igitur [V, 16)]

AB*: T = AE* 4 EB?:T2% + Z 4
uerum A B% I'4* commensurabilia sunt. itaque etiam
AE? 4 EB? et I'Z® 4 Z A% commensurabilia sunt
[prop. XI]. et 4E? 4 EB? rationale est, et') I'Z?
+ Z 4% rationale. eodem modo etiam 2 4 E >< EB
et 2I'Z><Z 4 commensurabilia sunt. et 2 A E>< EB
medium est. itaque etiam 2I'Z >< Z4 medium est
[prop. XXIII coroll.]. itaque I'Z, Z4 potentia incom-
mensurabiles sunt [prop. XIII; cfr. p. 206, 15 et 22] effi-
cientes summam quadratorum rationalem, rectangulum
autem medium. itaque tota I'A irrationalis est maior,
quae uocatur [prop. XXXIX].

Ergo recta maiori commensurabilis maior est; quod
erat demonstrandum.

LXIX.

Recta rectae spatio rationali et medio aequali qua-
dratae commensurabilis ipsa spatio rationali et medio
quadrata aequalis est,

1) Post Z4 lin. 13 Augustus non male addidit &ow.

dors pécov) pégoy 8¢ V.  16. I'Z] supra add. E b. 1"Z]
I inras. m. 2 P, supra scr. E b. 17. eloly acdppsreor BFVh.

o P, 19. 7 6ig Vb.  21. omeg £der dekou] comp. P,
om. BFVb. 24. ¢nrér] -ov in ras. B,  25. xal avrj] om. P.

Euclides, edd. Heiberg et Menge. ITI. 14
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"Eorm ¢nrov xal pécov Ovveudvy 5 AB, xel T
AB ovpustgog éotw 1) I'd* deuvéov, 8ve xal v I'd
¢nTov xal upéoov dvvaudvy Eeriv.

dumeijodo n AB &l tag e0delag xave o E af
AE, EB dga Odvvapss &lolv acvppcrgor morovear to
udtv cuyxelusvov éx tév dn’ alrdy Tergey vov uécov,
70 0" Un’ alrev ¢nrév: xel Td avre xove6xEVAGI®
rolg modregov. Opolmg 0% dslbopev, Ovv xal of I'Z,
Z A4 dvvdus eloly aovpuergor, xal ovuustgov To uiv
ovpxeipevoy éx tév ano tov AE, EB t¢ ovyxaudve
éx vov and tov I'Z, Z 4, ©6 0t vno AE, EB 16 ¥xd
I'Z, ZA4' dore xal 1o [utv] evyxreluevov éx tov dmo
tov I'Z, ZA4 vsrpaydvov éotl péoov, to 8" ©nd rov
'z, Z4 (Smév

‘Pyrov dge xal pésov dvvauévy éoviv v I'd: omsp
&0er deita.

o’

‘H vy} 0vo péoa dvvauévy evpusrgog 6vo
uéoa Svvapévy éotiv.

"Eerw 0vo uéen Ovvepévy 7 AB, xal v AB
ovpuergog 1 I'd" Odeaxtéov, Su xal ) I'd dvo péoa
dvvapévn éevlv.

‘Enel ypag O0vo péoe Ovvauévy éerlv § AB, dup-
¢foda &lg tag evdelag xave 160 E° of AE, EB doa
dvvdps eloly acdupergor moovoar TS TE CUyxslUEvOV

1. ol vjj 4B] supra scr. m. 1 F. 2. dantéor] déyw V.

8. écrl B, comp. Fb. 7. 8¢ F. uamousvaaﬂm b. 8.
of] 5 V. 11. ¢’ P. wév AE V. 12. tév I'Z (corr. ex
I'H) V. wév] om. P. 13. zetodyavoy P. 8¢ F. 15.
6meg £de deiken] comp. P, om. BFVD. 17. 0] seq. ras. 1
litt. F. 18, xed adzy b0 V. 21. 4] fote n V. daxcéow]

1dym V. &7 6n B. 24, natd 10 E els tag eddelag V.  e9-
Pelag] m, 2 B,
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Sit 4B spatio rationali et medio aequalis quadrata,
et rectae 4B commensurabilis sit I'4. demonstrandum,
etiam I'A4 spatio rationali et medio aequalem esse
quadratam.

-4 - diuidatur 4B in rectas in E; itaque A E,
EB potentia incommensurabiles sunt effi-
l; cientes summam quadratorum mediam, rect-

E \ angulum autem rationale [prop. XL]; et com-
I “4  parentur eadem, quae antea., iam similiter
-B demonstrabimus, I'Z, ZA4 potentia incommen-

surabiles esse et 4E*® 4 EB?, I'Z% + Z4* commen-
surabilia et 4E>< EB, I'Z >< Z 4 commensurabilia.
quare etiam I'Z? 4 Z 4* medium est, I'Z >< Z 4 autem
rationale.

Ergo I'4 spatio rationali et medio aequalis est
quadrata; quod erat demonstrandum.

LXX.

Recta rectae duobus spatiis mediis aequali quadratae
commensurabilis ipsa duobus spatiis mediis quadrata
est aequalis.

Sit 4B duobus spatiis mediis aequalis quadrata,
et rectae 4B commensurabilis I'4, demonstrandum,
etiam I'4 duobus spatiis mediis aequalem esse qua-
dratam.
™7 nam quoniam 4B duobus spatiis mediis
aequalis est quadrata, in E in rectas dinidatur,
itaque 4E, EB potentia incommensurabiles
sunt efficientes summam gquadratorum mediam
etrectangulum medium et praeterea 4E* -+ EB?,

AE >< EB incommensurabilia [prop. XLI];
14*
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x tov an’ avrov [terpepodvev] uécov xel v U
avréy ufeov xal Fri dovuustgov 1O Ouyxelusvov &x
Ty and vév AE, EB verpaydvay v Umd tév AE,
EB* xol nevsoxsviodo 1 avra tolg medregoy. dpolmg
07 delkousy, ot xal af I'Z, Z A4 dvvdue &loly devyu-
peTgor xal evpusToov To uiv Gvpxelusvov éx THv aml
tov AE, EB ©¢ ovpxeapéve éx tédv and raov I'Z,
Z4, vd 6t vnd vdov AE, EB © vnd vév I'Z, Z4-
@ore xol 10 ovyxelpsvov éx tov amd vaov I'Z, Z4
revpaydveoy péoov éotl xal vo vnd vév I'Z, Z A péoov
xel Eve GoVuuETQOV TO OUyxelusvov 4 TOV A0 THOV
I'Z, Z 4 vevgaydvov 16 vmo tov I'Z, Z4d.

‘H dga I'd 0vo péoa Svvauévy éoriv: Omep éde
Oeikar.

’

oo .

‘Pyrod xal péoov cvvrideudvov véooapsg
thoyor plyvovrar Yror éx O0vo évopdrov 7 éx
0v0 péowv medry 1 pelfov 4 ¢nrov xal péoov
dvvaudvy. .

"Eorew ¢nrov udv vo AB, péeov 0 vo I'd" Adyw,
0tL ) 10 A4 ywelov duvvapévy fvor éx dvo dvoudrey
dotly 7 éx Ovo ploowwv modry 1 pellev 1 gnrov xel
péooy dvvauévy.

To pag AB vov I'd fjror peitdv éoriv 4 EAadoov.
¥ovw modregov peifov: xal dxxeloBw ¢nrn v EZ, xal
nogaPepiriodo mege vy EZ v AB ilcov vo EH
mhdvog worovy iy E@ tvp 0t AT igov mega tiy EZ

1. zetooydvey] om. P, ox’] mut in dz’ m.2F, d¢x’b. 3.
AE] (prius) corr. ex 4Bm. 2 F. 6. I'Z] inras. m. 1 P. 8.
70 0¢] Gotenalzd P. 9. I'd, 4ZP. 12.23] z6 V. 138.T4
&ea B. I'd] 4 postea ins. V.  @mwee #d2: deifar] comp. P, om.
BFVb. 15. 08", feras. F. 17. ylyvovrer] ylvoytar BFVD et,
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et comparentur eadem, quae antea. iam similiter de-
monstrabimus, I'Z, ZA4 potentia incommensurabiles
esse, et AE? 4 EB?, I'Z* 4 Z 4° commensurabilia,
et AE>< EB, I'Z >< ZA4 commensurabilia. quare
etiam I'Z? 4 Z 4* medium est et I'Z >< Z 4 medium
et praeterea I'Z® -} ZA4®, I'Z><Zd incommensu-
rabilia.

Ergo I'4 duobus spatiis mediis aequalis est qua-
drata; quod erat demonstrandum.

LXXI.

Spatiis rationali et medio compositis quattuor ir-

rationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata.
4 I E ® K Sit 4B rationale, I'd
] I autem medium. dico, rectam
| ! spatio 44 aequalem qua-
’ | dratam aut ex duobus nomi-
I !
|

nibus esse aut ex duabus
| Z H I mediis primam aut maiorem
B 4 aut spatio rationali et medio
aequalem quadratam.

est enim aut 4B >TI'4 aut 4B <I'4. sit prius
AB>TI'A4. et ponatur rationalis EZ, et rectaec EZ
spatio 4B aequale adplicetur EH latitudinem efficiens
E®; spatio autem 4TI aequale rectae EZ adplicetur @I
latitudinem efficiens @ K. et quoniam A4 B rationale est

supra add. y m. 1, P. jzoi] corr. in 7 t& m. rec. P, corr. ex 6
n]V ean,n:sB. 21n]m2F AA]AecorrV.

nﬂn] 7 V. 27. t¢] corr. ex o m. 1 F. Post EZ add.
Theon: tovtésr: tyy ® H (BFVh).
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woagafefiiodm o OI mldtog mowovv v OK. xal
énel gnrov éoti ©0 AB xel éotw loov té EH, ¢nrov
doo xel vo EH. xal moge [dneyv] v EZ magafé-
BAnrow mharog woroty Ty E@ 5 E@® dgua énrij dom
xal ovpuergog tf EZ wixer. madw, émel péoov fotl
v0 I'd nel éoniv i6ov v @I, péoov doa éovl xal
10 OI. xal mage gnry v EZ mogdxsitar mAdtog
mowovy Ty @K dnry oo éotly 4 OK xal dovuusroog
tfj EZ wixe. xol émel péoov Zorl vo I'A, dqrov 8%
t0 AB, aovpucrgov oo éotl ©0 AB v I'd dere
xel v0 EH dovpperody éove 16 @I g o2 ©v6 EH
7pdg 0 @I, otnwg éotly | EO@ medg iy OK* devu-
pergog dge fotl xal 1) E@ tvij OK uixs. xal elow
dugpdreoar ¢nrel of EO, OK édoa ¢nral sice dvviust
udvov evpucrgor’ &x 0vo dga dvoudtwv éotiv ) EK
dumonuévy xave vl 6. xol émel weifdv dov 16 AB
tov I'd, ioov 0% ©6 udv AB v EH, ©6 0t I'd 6
OI, peifov dpa xel 16 EH tov OI' xal 1) EO doo
ueltov dotl tiig OK. fjros ovv 3 EO vijg OK psifov
dvverar TG amo ovpufrgov favrf wixsl 1 tH dmo
dovppérgov. dwaodm medregov TG AmO CUUUETQOV
Savrgj® xal dotwv 1) pelfov q OF ovppergog v éunsi-
pévy énei) off EZ° 4 &g EK éx %o Svogarov dord
1. ©I) mut.in O©H F, I eras. V. 8. »«/] (prius) m.2 F,
éntiw] om. P. 4. EO] (prius) OE F.  {§nry &oa dotly 7
E® Theon (BFVD). fouy P. 6. @I] I in ras. F. 7.
@I] I in ras. F. Post mopansiver add. Theon: zovtiom
(v V) iy OH (BFVb)., 8, doa] corr. ex #eroax F. 9,
EZ] Z postea ins. m. 1 V., 4] eras. V. 11. EH] ZH
e corr. V, @I! corr. ex @I' P, I in ras. F. 12.01] I
in ras. F. 18. éovlv B, 15. EX] corr. ex E® m. rec. b.
16. Post © ras. 1 litt. B. peffov V, sed corr. 18, @I}

Iecorr. F. xe/]m.2F. OI]Iinras.F. 20. éove wixs
om.V. 21. dovupéreov] evpuérom F, corr. m. 2; ovuuérgov B,



ELEMENTORUM LIBER X. 215

et AB = EH, etiam EH rationale est. et rectae EZ
adplicatum est latitudinem efficiens E®. itaque E®
rationalis est et rectae EZ longitudine commensurabilis
[prop. XX]. rursus quoniam I'4 medium est et I'4 =61,
etiam @I medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens @ K. itaque @K ra-
tionalis est et rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam I'4 medium est, .4 B autem
rationale, 4B et I'4 incommensurabilia sunt. quare
etiam EH, ®I incommensurabilia sunt. uerum
EH:0I = E@®:0K [V], 1]. quare etiam E@, OK
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque E®, @K rationales sunt
potentia tantum commensurabiles. ergo EK ex duobus
nominibus est in @ diuisa [prop. XXXVI]. et quoniam
AB>TI'4 et AB==EH, I'1==06I, erit etiam EH> 6L
itaque etiam E® > @K [V, 14]. iam E6® excedit
®K?® quadrato rectae aut sibi commensurabilis aut
incommensurabilis. prius excedat quadrato rectae sibi
commensurabilis; et maior @E rationali propositae
EZ commensurabilis est. ergo EK ex duobus no-
minibus est prima [deff. alt. 1]. EZ autem rationalis
est. sin spatium recta rationali et recta ex duobus
nominibus prima comprehenditur, recta spatio aequalis
quadrata ex duobus nominibus est [prop. LIV]. itaque
recta spatio EI aequalis quadrata ex duobus nominibus
est; quare etiam recta spatio 44 aequalis quadrata
ex duobus nominibus est. iam uero E@* excedat @ K?
quadrato rectae sibi incommensurabilis; et maior E@

corr. m. 2. 22, foniv %) dou B. EO®F. 23 7] m 2P.
#x] supra scr. b.
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mowry. ¢nry 0% 9 EZ* éw 0% ywelov megiéynrer vmo
¢nriig xol Tijg éx Ovo dvoudrov mewryg, % TO ywelov
dvvapdvy éx 8vo dvoudrwv fetiv. 4 dga vo EI dvva-
uévy éx 0vo dvoudrov derlv: dGove xol 7 to AA
dvvauévy &x 8v¥o Svoudrwv éotiv. dlie Oy SvvicPe
% EO vijg OK psitov t¢ and aovuuérgov éavry: xal
doviv 1 pellov 1, E@ odpucrpog v Exxewuévy dnrii
viji EZ wijners 1 doo EK éx 0vo dvopdrov éotl te-
rdory. Oy 0% 1) EZ' éav 0% ywolov meguéynron VMO
onriig nel vijg #x 8o Svoudrev vevderng, N TO ywelov
dvvaudvy &loyds doviv 7 xadovuévy ueitov. 3 doo TO
EI ywolov dvvauévy uelfav éoviv: dove xal § 10 A4
dvvaudvy pelfov éoriv.

‘dide 07 Eorw EAasdov 1O AB tov I'd" xal o
EH é&ooa Eiaoady éote tot O deve xal ) EO éldocov
éotl vijg OK. fvor 0t %) OK tijg EO® usifov dvverm
TG dmd ovpuéroov fevry 1 TG dmo devuuérgov. Ov-
vaoda meoregov TG Amd Svpuérgov foavrij mijrs xel
dorwy 1) éhdaowv 1 E@ ovupctgog v fuxsiudvy dnri
vfj EZ wixer 9 dga EK éx 0vo dvoudrav éorl dev-
tépo. $mry) 02 v EZ° éav 0} ywelov meuéymron vmo
énrijs xal Thg éx 0U0 ovopdrov devrépag, % TO ywelov
dvvapévy éx dvo pfowv éovl mpwrn. 7 &ga 1o EI
qolov dvvauévy éx 0vo pédov éotl memty' deres xal
5 10 AA dvvapévy & 0vo uéowv forl mpwry. dide

2. fnéy V. 8. 4] néxF. o/ P. % &ea] corr.
ex wope m. 2 P, EI] T in ras, F. 5. dvvapévny] comr. ex
cdvvapévy V. 6. Ante % ras. 8 litt. F, OK] corr. ex OZ
m 2F.  pelfor b ovppéreov B, sed corr. 1. éotuv]
{011, supra scr. @, B; foto P. %] (prius) om. B. 11, peilov
V, sed corr. 12. EI] Iinras. F. 156. @I] @K b et corr.

ex®I'F. E®&pab. #ladgoovb. 17, cvpuéreov — ané] mg.
m. 1 P.  ovppéreov] dovppérgov V, sed o eras.  dowvppéreov]
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rationali propositae EZ longitudine commensurabilis
est. itaque EK ex duobus nominibus est quarta [deff.
alt. 4]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus quarta com-
prehenditur, recta spatio aequalis quadrata irrationalis
est maior, quae uocatur [prop. LVII]. itaque recta
spatio EI aequalis quadrata maior est. ergo etiam
recta spatio 44 aequalis quadrata maior est.

iam uero sit 4B < I'd. quare etiam EH < @I
itaque etiam E® < ®K [VI, 1; V, 14]. uerum @K:?
excedit E@® quadrato rectae aut sibi commensurabilis
aut incommensurabilis. prius excedat quadrato rectae
gibi longitudine commensurabilis. et minor E@ ra-
tionali propositae EZ longitudine commensurabilis est.
itaque EK ex duobus nominibus est secunda [deff.
alt. 2]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus secunda com-
prehenditur, recta spatio aequalis quadrata ex duabus

AT mediis est prima [prop. LV].
T itaque recta spatio EI aequalis
% quadrata ex duabus mediis est
B d prima, ergo etiam recta spatio

E 7z A4 aequalis quadrata ex duabus
e H  mediis prima est. iam uero ® K2
X I

excedat @E? quadrato rectae
sibi incommensurabilis; et minor E® rationali pro-
positae EZ commensurabilis est. itaque EK ex duobus
nominibus est quinta [deff. alt. 5]. EZ autem ratio-

ovppétgon BV, sed corr. 19. %] (prius) m. 2 F, om. B.  21.
0¢] (alt.) m. 2 F. megiéyeree P 28. EI1 I inras. F. 24,
yoelov] om. V. 256. A4 yoglov BFD,
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07 % OK vijg OF psitov dvvdode vé dnd aovupérgov
Savrij. xel deriv 1 éAdeowv 7 EO@ evpustgos T éx-
xswuévy Gnrii v EZ* % dopa EK éx 0vo dvoudrav
dovl méumry. dnry 0 f EZ: éav 0} ywelov megiéynron
vmd gnriig xal vig & 0vo Vvopdrov méumryg, N Tl
yoglov duvvauévy ¢nrov xal uésov Ovvauévy Sotiv.
7 dga ©0 EI yoglov dvveudvy ¢nrdv xel péoov Ov-
vauévy éovlv: dore xal 7 10 AA ywelov Svvaudvy
nTov xal uéoov Suvvaudvy dotiv.
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nalis est. sin spatium recta rationali et recta ex
duobus nominibus quinta comprehenditur, recta spatio
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est [prop. LVIII]. itaque recta spatio
EI aequalis quadrata recta spatio rationali et medio
aequalis quadrata est. quare etiam recta spatio 44
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est.

Ergo spatiis rationali et medio compositis quattuor
irrationales oriuntur, aut recta ex duobus nominibus
aut‘ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata; quod erat demon-
strandum. '

LXXIL

Duobus mediis sibi incommensurabilibus compositis
reliquae duae irrationales oriuntur, aut recta ex duabus
mediis secunda aut duobus spatiis mediis aequalis
quadrata. :

Componantur enim duo media sibi incommensurabilia
4B, I'4. dico, rectam spatio 44 aequalem quadratam
aut ex duabus mediis' secundam esse aut duobus spatiis
mediis aequalem quadratam.

nam aut 4AB>I'4 aut 4B<I'4. sit uerbi gratia
prius 4B > I'4d, et ponatur recta rationalis EZ, et

4 r spatio 4B aequale rectae EZ

r adplicetur EH latitudinem effi-
ciens E®, spatio autem I'4 ae-
B 4 quale @I latitudinem efficiens
Z @K, et quoniam utrumque 4B,
I'4 medium est, etiam utrumque
EH, @I medium est. et rectae

N I
S



220 ZTOIXEIQN ¢.

éuxslodo ¢nry ) EZ, xal té plv AB igov mage iy
EZ magafefiiodo ©0 EH midrvog moiotv tiy E6,
ts 0t I'd lgov ©0 @I midrog morovw Ty OK. xal
émel pécov éotly éndregov tadv AB, I'd, pécov dge
6 xal xdvegov tov EH, OI. -xal mege ¢yriyy iy ZE
mepdxerror wAdrog morovy Tag EO, OK - fxaréoe dga tov
E®,0K nrrj ot xal aevpuctgog t5] EZ wrjxs. nol émel
aovuuctedy éote 10 AB td I'd, xal ot lgov To
udv AB © EH, ©0 0t I'4 ©$ @I, aedupscroov doe
10 dotl xal ©o EH 7$ @I ag 0% vo EH meog 1o @I,
otrwg fotly 1) E® mpdg @K' dovuusrgog doa foriv %
E® vjj OK wpijxer. of BO, OK doa fnral slow dvvaper
udvov evpusrgor’ éx dvo dga Svoudrov doriv § EK.
firor 02 0 E@ tijg OK usifov ddvarae vf amd ovu-
16 uérgov fevrf 1 T 4w dovuuireov. Ovvdede mod-
TEQOY TG AWO ouvuusrgov favrf] wixe xel ovdstéga
rév E@, OK avpuereds fove tf) éuxeiuévn dqrii vn
EZ pixer’ 7 EK dgo éx 0¥ dvoudrav édotl tolry.
¢y 0 ) EZ éav 0% yoglov meguéynrae Vmod Gnrijs
20 xel 77jg €x 0vo dvoudrwv Telrng, 1 TO ywelov Suvva-
uévy éx 0vo péewv éeti dsvrdpa’ % dea vo EI, rovr-
dote ©0 Ad, Svvapévy éx Vo uéewv éotl dsvréga.
dlde o0 7 EO tijg OK upeifor dvvdedw v dmo
aovupérgov fovri] wixers xel devpusreds foTiv Exa-
25 tége tdv E@, OK tfj EZ winer® 7 doa EK éx 0vo
Svoudrov fovly Exry. édav 0t ywelov meguéymrer Vmd
¢nrije xel tiig éx 0¥o Svopdrov Extyg, 7B TO ywelov

1. g gnen F. =] corr. ex w6 m. 2 P. 2. EH] EZ V.

8. Post loov add. maga vijy ®H V, del. m. 2. 4. éwel —
doa xal] om. b.  b. zév] corr. ex o m. 2 b. EH] supra
add. ®b. ©I] 6T, supra add. H, b. xe/lm. 2 F. 6.
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rationali EZ adplicata sunt latitudines efficientia E®,
@K. itaque utraque E®, @K rationalis est et rectae
EZ longitudine incommensurabilis [prop. XXII]. et
quoniam A B, I'4 incommensurabilia sunt, et 4B=EH,
I'd = @1, etiam EH, @I incommensurabilia sunt.
uerum EH:0I = E@®: 0K [VI, 1]. itaque etiam
E®, ®K longitudine incommensurabiles sunt [prop.
XI]. quare E®, ®K rationales sunt potentia tantum
commensurabiles. ergo EK ex duobus nominibus est
[prop. XXXVI]. uerum E®?2 excedit ® K® quadrato
rectae aut sibi commensurabilis aut incommensurabilis.
prius excedat quadrato rectae longitudine commensura-
bilis. et neutra rectarum E®, @K rectae rationali propo-
sitae EZ longitudine commensurabilis est. itaque EK
ex duobus nominibus est tertia [deff. alt.3]. uerum EZ
rationalis est. sin spatium recta rationali et recta ex
duobus nominibus tertia comprehenditur, recta spatio
aequalis quadrata ex duabus mediis est secunda {prop.
LVI). itaque recta spatio EI, hoc est 44, aequalis
quadrata ex duabus mediis est secunda. iam uero
E®*® excedat ®K*® quadrato rectae sibi incommensu-
rabilis; et utraque E®, @K rectae EZ longitudine
incommensurabilis est. itaque EK ex duobus nominibus
est sexta [deff. alt. 6]. sin spatium recta rationali et
recta ex duobus nominibus sexta comprehenditur, recta

mopdusiza P, wagdnsivzar V. mowodvre Vb, 7. OK dea V.

éouv P. 8. codppsrgos P, corr. m. rec. douv P. 4B
supra add. H V. oy m. 2 F. 10, meée] m. 2 F. 16]
o F. 11 meog mpy V. 12, eloww P. 14, dovppéreov V,

sed corr. 15. ovpuérgov BV, corr. m. 2.  16. dovuuérgov
V, sed corr.; d- supra add. b m. 1, 17. douw P.  18. 7olty]
corr. ex ¢nry m. rec. b, 26. 73] corr. ex zijg B. éx] m.

rec. P
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spatio aequalis quadrata recta est duobus spatiis mediis
aequalis quadrata [prop. LIX]. quare recta spatio 4 4
aequalis quadrata recta duobus spatiis mediis aequalis
quadrata est.

" Ergo duobus spatiis mediis sibi incommensura-
bilibus compositis reliquae duae irrationales oriuntur,
aut recta ex duabus mediis secunda aut duobus spatiis
mediis aequalis quadrata.

Recta ex duobus nominibus et irrationales ab ea
deriuatae neque mediae neque inter se eaedem sunt.
nam quadratum mediae rectae rationali adplicatum
latitudinem efficit rationalem et rectae, cui adplicatum
est, longitudine incommensurabilem [prop. XXII]. qua-
dratum autem rectae ex duobus nominibus rationali
adplicatum latitudinem efficit rectam ex duobus no-
minibus primam [prop. LX]. quadratum autem rectae
ex duabus mediis primae rationali adplicatum latitu-
dinem efficit rectam ex duobus nominibus secundam
[prop. LXI]. quadratum autem rectae ex duabus mediis
secundae rationali adplicatum latitudinem efficit rectam
éx duobus nominibus tertiam [prop. LXII]. quadratum
_ autem maioris rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quartam [prop. LXIII].
quadratum autem rectae spatio rationali et medio ae-
qualis quadratae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam [prop. LXIV].

wjy V. 7] corr. ex e F. 18, 8] & P.  mwoafaid-
wevov P, 15. 76 8¢ — 19. volrpy] mg. m. 2 V. 16. mowel’]
om. V. 171.8{] & P. 19. 0] & P. 21. 34 & P. 2.
t6] ecorr. V. 04] & P. 24 mldrog] corr. ex wdrog m. 1 P.
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quadratum autem rectae duobus spatiis mediis aequalis
quadratae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus sextam [prop. LXV]. latitudines
autem, quas significauimus, differunt et a prima et
inter se, a prima, quia ea rationalis est, inter se autem,
quia ordine non sunt eaedem. ergo etiam ipsae rectae
irrationales inter se differunt.

LXXTII.

Si a recta rationali rationalis aufertur potentia
tantum toti commensurabilis, reliqua irrationalis est,
uocetur autem apotome.

A rationali enim 4B rationalis auferatur BI" po-
tentia tantum toti commensurabilis. dico, reliquam
AT irrationalem esse apotomen, quae uocatur.

— nam quoniam 4B, BI' longi-

B tudine incommensurabiles sunt, et

est AB:BI'= AB%: 4B >< BI" [prop. XXI lemma],

etiam 4 B% A4B>< BI' incommensurabilia sunt [prop.

XI]. uerum AB%? et AB? -4 BI? commensurabilia

sunt [prop. XV], et 4B><BI, 2 4B><BI' commen-
surabilia [prop. VI]. et quoniam est [II, 7]
AB* 4 BI* =2 4B > BI' + I' 4%,

etiam A4I'%, 4B* 4 BI® incommensurabilia sunt [prop.

X111, ‘(VI] uerum 4 B® - BI™ rationale est. ergo

mgm2B 17. 7] 76 corr, ex ¢ m. 1 b. 6] 16 b.

18. BI'] e corr. V. xal émeidrimee o] o deo Theon
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omo tov AB, BI' iox &6t v¢ dlg vmo tov AB, BT usta tov
oo (rod add. V) I'4 (BFVb).

Euclides, edd. Heiberg et Menge, III. 15
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AT irrationalis est [def. 4]; uocetur autem apotome;
quod erat demonstrandum.

LXXIV.

Si a recta media aufertur media potentia tantum
commensurabilis toti, cum tota autem spatium rationale
comprehendens, reliqua irrationalis est; uocetur autem
prima apotome mediae.

A media enim 4B media auferatur BI" poteniia

taptum rectae 4B commensurabilis, cum 4B autem
spatium rationale comprehendens 4B >< BI" [prop.
XXVII]. dico, reliquam AT irrationalem esse, wocetur
autem prima apotome mediae.
-B nam quoniam 4B, BI' mediae sunt, etiam
AB?, BI'* media sunt. uerum 2 4B >< BI ra-
tionale est. itaque 4B* 4 BI'® et 2 4B >< BI'
incommensurabilia sunt. quare etiam 2 4B >< BI"
1T reliquo [cfr. II, 7] 4I® incommensurabile est,
quoniam, si totum alterutri incommensurabile est,
“4 etiam magnitudines ab initio sumptae incommen-
surabiles erunt [prop. XVI]. uerum 2 4B><BI ra-
tionale est. quare AI'® irrationale est. ergo AT
irrationalis est [def. 4]; uocetur autem prima apotome
mediae.

LXXYV.

Si a media media aufertur potentia tantum toti
commensurabilis, cum tota autem spatium medium

péon seq. ras. 1 litt. V, supra scr. ¢ F. 13, &lof V, comp.
Fb. fov{] m. 2 F. 14. Ante 8¢ del. 76 P. 15. dox
dov{b. @ — 16. BI') mg. m. 1 P, 17, don] corr. ex
doa F. tow] om. P. ~ 21, §4] o P.  uéon Fb.  22.
os’ F, sed corr. .
15%
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comprehendens, reliqua irrationalis est; uocetur autem
mediae apotome secunda.

A media enim 4B media auferatur I'B potentia
tantum toti 4B commensurabilis, cum tota autem 4B
medium comprehendens 4B >< BI' [prop. XXVIII].
dico, reliquam AT irrationalem esse, uwocetur autem
mediae apotome secunda.

ponatur enim rationalis A4I, et quadratis 4B%-- BI'™®
aequale rectae AI adplicetur 4 E latitudinem efficiens

AT B 4H, spatio autem 2 4B >< BI"

‘ ! 2 iH aequale rectae 4I adplicetur
l | A0 latitudinem efficiens 4Z.
| |
: .
|

itaque reliquum ZE = AI*
(II, 7]. et quoniam 4 B%, BI™®
media sunt et commensura-
(2] E bilia, etiam 4E medium est.”)
et rectae rationali 41 adplicatum est latitudinem ef-
ficiens 4 H. itaque 4H rationalis est et rectae 4T
longitudine incommensurabilis [prop. XXII], rursus
quoniam 4B >< BI' medium est, etiam 2 4B > BI"
medium est [prop. XXIII coroll.]. et est = 46. itaque
etiam 46 medium est. et rationali 4I adplicatum
est latitudinem efficiens 4Z. quare 4Z rationalis est
et rectae I longitudine incommensurabilis [prop.
XXII). et quoniam 4B, BI' potentia tantum com-

7
|

1) Sequitur ex prop. XV et prop. XXIII coroll. ceterum
idem tacite usurpatur p. 226, 13 sq.

4K FVb, sed corr.  17. %l 76 — 18. BI'] in ras. F. 18,
foriv] dori PBV, comp. b; cum proximis sustulit rep. in F.

19. 4ot PBV, comp. Fb. 4K FVb, sed corr,  20. maga-
netvon F. 4H F, corr. m, 2. 21, JH F. 41 4K b,
et V, sed corr.; corr. ex 4I m. 2 F.
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BI" dvvduer ubvov ovuusrgol slov, aovuuergog dpo
éotlv ) AB vj BI' winer’ acbpustoov &oo xal o
and rijg AB veToeyovov e vmd tév AB, BI. dlia
T udv and viig AB evppevod dote ve dnd vy AB,
BT, = 0% vmd tdv AB, BI' evpusredy éote vd dlg
vwd tov AB, BT advupcrgov doa éovl ©0 Olg
vwd tov AB, BI' voig dmo twév AB, BI. lsov 0}
volg udv and vév 4B, BI" ©0 AE, vg 0% dlg vxd vév
AB, BI' ©v6 46 advpusroov dga [éotl] 10 AE 6
A40. og 8% 10 AE medg 10 A0, ovras 7 HA meig
iy AZ* aeduuergos doa fotiv v HA v 4Z. xal
glow augporegar §yral of dgo HA, AZ §yrei elow
dvvdper wovov evuuergors 9 ZH dga amoropr éoriv.
énry 0% 5 AI' o 0% Umo gyriig xel dAdyov mwegt-
eylusvoy aloydv dovwv, xal 1 dvvapdvy avrd FAopdg
dotiv. wol OUvarew v0 ZE w AT 5 AT age ddoydg
dotiv: xadele9m 0 uéemg dmoroun devrépa. Omeg
&0 dciteu.
o o5,

Edv dmo evdslog cvdela acpaipedf dvvdus:
dobpuergog ovewa i 8Ay, wera O vig GAng
morLoVoa Ta uiv an avrdy dua ¢nriv, 1o 0 UA’
abtdv péaov, 4 Aowmy Hloydg é6Tiv' nedsloBw
0t dAdaooaw. _

'Ano yag e0delug viig AB evdsin dpneiode n BT

1. BI'] T'B P. covupeTeog] déli’yareoc b. 2. nal
vj P. 8. 7fjg AB] om. b. 4 fomy P. 5 7] corr. ex
tom. 1F, 6. dovppsroe &ou Zorl (om. V) t& dnd v AB, BI"
7o 8ig v76 tov AB, BI' Theon (BFVb). 7. 9w6] - in ras. m.
1P. fsov — 8 BI'l mg. m. 2B. 8. 76] 7o F. 9. dor!]
om. BFVb., 11 HJ) 4HP. AdZ] corr.ex Z4 V. 12
glot] eloww B.  13. dori BV, comp. Fb, 14. 4I]1 4K FVb,
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mensurabiles sunt, 4B, BI longitudine incommen-
surabiles sunt. itaque etiam 4B%, 4B><BI incom-
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum
AB?, AB*- BI™® commensurabilia sunt [prop. XV]
et AB><BI, 2 4B >< BI commensurabilia [prop. VI].
itaque 2 AB>< BI" et 4B+ BI'™ incommensurabilia
sunt [prop. XIIT]. est autem A4E = 4B BI®,
460 =2 4B > BI. itaque 4E, 4@ incommensura-
bilia sunt. vwerum AE;: 40 = HA:4Z [VI, 1].
itaque Hd, 4Z incommensurabiles sunt [prop. XI}.
et utraque rationalis est. itaque H4, 4Z rationales
sunt potentia tantum commensurabiles. quare ZH
apotome est [prop. LXXIII]. uerum I rationalis est.
spatium autem recta rationali et irrationali compre-
hensum irrationale est [prop. XXJ, et recta ei aequalis
quadrata irrationalis est. et AT = ZE. ergo AT
irrationalis est [def. 4]; uocetur autem mediae apotome
secunda; quod erat demonstrandum.

LXXVL

Si a recta aufertur recta potentia incommensura-
bilis toti et cum tota efficiens summam quadratorum
rationalem, rectangulum autem medinm, reliqua irratio-
nalis est; uocetur autem minor.

' A recta enim 4B recta au-
B feratur BI" potentia toti incom-

4 r

sed corr.  15. dore PV, comp.Fb. doa adré Theon (BF VD).
16. &mvg éors PBY, comp. Fb. % AT'] (alt) m. 2 F.
17. dos PBV, comp. Fb. ~ 84] 8t &x F. ~ péon P, et V,

corr. m. 2.  Omsp £3se dsifar] comp. P, om. BFVb. 22

3¢ F. 28. éom. BV, comp. Fb.
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dvvdper dovpusTgog ov6e Tij GAy molovow T mQoxsl-
peve. Aéyw, ote 7 Aowwy ) AT dhoyds éeriv % xa-
Aovuévy éhdoswv.
"Emel yag 16 udv ovyxeluevov éx 1dv amd rév AB,
8 BI' terpayivav ¢yrdv éotw, 1o 0% dlg vmo tdv AB,
BI' pédov, dovpuerpa dga forl re dmd vév AB, BI'
19 Olg Umwd tév AB, BI" xal dvaerespavre Aoumwg
v and tijg A" devuueree éote ve amo tdv 4B, BI.
énte 0% Ta amd t1év AB, BI™ é&loyov dga T dmod
10 thjg AI™ &loyog bpe §) AT nadelodo Ot éldecwmw.
Omep E0er Oetbo.
of’.
‘Eav dmd svdelag ebdela dpaigedf dvvdue:
dovuusreog ovde tf OAy, wera 0% zig Ging
15 wotoboo 1O piv Gvyxu'y,wov éx oV dx’ avTGY
TETQuy vy uédov, td 0% dlg vx’ avrdy ¢yTov,

f"—g lgmn &loydg éotiv: xadeiodm Ot ) pera fyzod
{:ZM y.eo'o’s 70 04 ot g,
w “lll qms yag evdslog vijg AB ebdsla apnetiedw n BT

20 dvvduss dovuuergog ovew tfj AB moiotiee T meoxsi-
psve: Adyw, Ote 7 Aowmy ) A &Aoyds éoriv 1) moost-

onuEvy.
’Emel pag 10 plv evyxslusvoy éx TdV AmO TGV
AB, BI' tergayovov pésov éotiv, 16 0% dlg Umd Ty

1. ovoa acvyyerqog V. m meoxelpeva ] ysw 79§ olng
ZT]Q AB o o‘v-yusmsvov én uov amé tév AB, BI' dpe §nrow,
70 0%t dlg om0 tav AB, BI' dua uécov Theon (BFVb). 4,
pévl m. 2V, AB]erasm2P 6. BI'] I'B P.
,teteaysvoy] [] eras. V. foze PBY, comp. Fb. &} d‘Lg]
o V. 6. tév] m. rec. P. 4B] in ras. m. 1P
davppetea dott ta dwd tév AB, BI' (m. 2 F) 6 dmo tr)g AP
(haec 4 uerba om. F) Theon (BFVb) 9. Mg. ye. énrov &
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mensurabilis et proposita efficiens [prop. XXXIII]. dico,
reliquam 4T irrationalem esse minorem, quae uocatur.

nam quoniam 4 B*- BI"? rationale est, et 2 4B>< BI
medium, incommensurabilia sunt 4B% 4 BI? et
2 AB >< BI. et e contrario reliquo {II, 7] AT in-
commensurabile est 4B* 4+ BI'? [prop. XVI]. uerum
AB? -+ BI'® rationale est. itaque 4I' irrationale est.
ergo AT irrationalis est [def. 4]; uocetur autem minor;
quod erat demonstrandum.

LXXVIIL

8i a recta aufertur recta potentia incommensura-
bilis toti, cum tota autem efficiens summam quadra-
torum mediam, duplum autem rectangulum rationale,
reliqua irrationalis est; uocetur autem recta cum
rationali totum medium efficiens.

A recta enim AB auferatur recta BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXIV]. dico, reliquam AI" irrationalem esse, quam
significauimus.

nam quoniam 4 B? 4 BI" medium est, 24B>< BI'

70 ovyxeipevoy Fb.  doa] don P.  10. ddoyog — AT'] om. P.
11. 8meg #8&: Oeifo] comp. P, om. BFVb. 12 orl .17,
éore PBV, comp. Fb.” 4% 5] 8¢ BFVb. Supra pere ser, amé
comp. m. I D. 19, 4B] corr. ex AT’ m. 2 F. 20. ao'vy,-
ueTQog ovow &vvay,st V. 7 6l ] Theon (BFVD). ¢
noouetpwu] 70 uiv avyus;yevov ﬁu raw dno tov AB, BI' ze-
roaydvwy péooy, to O Olg vmo tmv AB, BI" (51)107 Theon
(BFVb). _ 21. Z6zc BV, comp. F. 7 npouonpwn] nedeloho
gralsmu B) &t 7 (om. Vb) psza ¢nrov pégov To GAov molovow
heon (BFVb) 24, dov{ PBV, comp. Fb.
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AB, BI” ¢yrov, aevuuctoa doa éori vd amd tév AB,
BT 7 dlg vmd tév "AB, BI™ xal lowmov dga o dml
vijg AT aovuuerody dori ve dlg Pmo vdv AB, BI.
xel dote 1o dlg vmd tdv AB, BI' ¢nrdv ©0 doe amd
5 vijg A" &loydv éovww' dhopog doa éoviv v A xa-
Aslodo 0% n) pera $nTov wécov 1o SAov moiovoa.
Omeo #0er Octou.
oy’
‘Ecv amd e0delag c0Psia dpaigeds dvvipst
10 ¢6Vppergog ovee T O0Ay, were O tig 8ing
moLoVGe TO TE GUyxeluEvoy €x THY AW AVTHY
sroaywvayv uéeov o ve 0lg v’ edrdv pécov
i &1L ra on’ edTov TeT@dymve AGTUuETOEN
e Olg On’ adTdv, 5 Aotwy &Aoydg feTiv' na-
15 AsloBo 0% 7 uera ydeov uégov ¥d 8oy motovga.
‘And yag e08elog tiig AB ebdsie donorode 7
BT dvvdus devuusrgog ovee vfj AB mowovoa t¢ moo-
xelpeve: Aéyw, Ot §) Aowwy) n AT &lopds dorww %) ne-
Aovuévy ) peve péeov uéeov td GAov moiovoe.

20  ’Exxclodo pag $yry v AI, xel voiz utv amd tdy
AB, BT iloov megx iy AI mepefefiicdn 160 AE
mAarog moroty vy AH, v¢ 0% dlg vmd rov AB, BI'
loov apponedw 0 A0 [wmidtog moiotw iy AZ].
Aowwdv doa 10 ZE loov dovl ¢ amd tijg AT dote

2. BI" vergdyove BFb. BI'] Bm. 2 V. xal] om. P,

3. edppergoy F. 4, nal — O45) dnzov 0% w6 V. ~ {$nidy]
om. V. 6. ot 7'1] 3¢ b, 7. '37159 £des 8eitou] om. BF VD,
comp. P. 8. o0&’ F. 10. dé] om. P. 11, z¢] in ras. V,
pév BFb.  dn’] dmo zév V. = 12, re] in ras. V, 8¢ BFb.
18. %ol #71] fr ve Theon (BFVD). 14. %] Aéyo 8m 4 V.
461t BV, comp. Fb,  16. ] om. FVb., ~ 17. r& mooxsi-

peve] ©o piv ovyxelusvoy éx tdv dxd tiv AB, BT teveaydvay
uéaov, 16 8 8l Ym0 zw AB, BT péoov fru 7e (om. V, m. 2 F)

EES.*
R
»

E
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_4 autem rationale, 4B®+- BI" et 2 AB><BTI in-
commensurabilia sunt. itaque etiam reliquum [II, 7]
AT et 2 4 B >< BI” incommensurabilia sunt [prop.
XVI]. et 2 4B >< BI rationale est. itaque A1

I' irrationale est. ergo AI irrationalis est [def. 4];
uocetur autem recta cum rationali fotum medium

~B efficiens; quod erat demonstrandum.

LXXVIIIL

Si a recta aufertur recta potentia incommensurabilis
toti, cum tota autem efficiens et summam quadratorum
mediam et duplum rectangulum medium praetereaque
summam quadratorum duplo rectangulo incommensura-
bilem, reliqua irrationalis est; uocetur autem recta
cum medio totum medium efficiens.

A recta enim 4B recta auferatur BI' potentia
rectae 4 B incommensurabilis proposita efficiens [prop.
XXXV]. dico, reliquam AI irrationalem esse, quae
uocetur recta cum medio totum medium efficiens.

ponatur enim rationalis 41, et quadratis 4B* BI"®
aequale rectae AT adplicetur 4E latitudinem efficiens
4 H, spatio autem 2 4AB>< BI'
aequale auferatur 4@, itaque
E reliquum ZE= 4TI [II, 7]
quare AI" spatio ZE quadrata
aequalis est. et quoniam A B?

d Z H

I (2]

4 T B

ta dnd téy AB, BT dedppsten 16 Olg vmo tav 4B, BT Theon

(BFVb). 18. dor: BV, comp. F. % nalovuéry] xeleloBo

&8¢ Theon (BFVYb). 19. péoov] supra ser. F.  20. 4I] 4K

in ras, V, item lin. 21. 21 foov] lsov 26 4E V. iy

corr, ex ¢nejy m. 1 P, $nriy vy V, m. 2 B. 76 JE] om. V,
23. miatog — AZ] om. P.
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7 AT dvverae 10 ZE. xol émel ro cvyxelusvov éx
tov and tov AB, BI' tergaywvev uéoov é6vl xal
dotwv loov ©¢p AE, uéeov coa [éorl] ©0 AE. el
wope $neaw iy A1 megdxeitar nidrog wotovy iy JH-
5 Oyry) doe éotly | JH nal acVuuergog v5; AI wipret.
widw, émel 10 dlg Umo v AB, BI' uéoov éovl xel
Zorww lgov te) A0, 16 s 4O pioov éoriv. xel wegd
énrw iy A1 magdxsrar mwhdtog moioty vy AZ:
oy doa ol xal y AZ nal dovupergog v A1 piner.

10 %ol émel aevupergd dove ta dmd rdv AB, BI 16 dlg

om0 tdv AB, BI', dovupstgov Gpa xal 6 JE ©6
460. &g 0t 10 AE meds 16 A6, ovrwg dorl xal 7
AH mgog tiy AZ- dovduusrgog dpa § AH v AZ.
xel slow augdregar fnrels of HA, AZ &ga ¢nral
b &l6c Quvdust udvov ovuupergol. dmotoun Goo d6Tiv 7
ZH $qry 0t 7 ZO. 1o O vmo gnriig xel dmoroud)s
megueybuevov [Spdoydviov] dAoydy éorwv, xal 1§ Svva-
uévn adrd dioydg domv. xel Ovverer o ZE % AT
N AT Ggo dAoydg éoruy* wodeledw 0% N were péoov

20 uéoov 16 0dov morovoa. Omep éder Oeifou.

0d’.
T amorouf; wla [pdvov] wpooaupudfel evdeia
¢nty Ovvaper uovov GUUUETQOS 0VOX TT GAR.

1. AT) AT peitov b.  xofl m. 2 F. 8. dor/] om. P.

4. 411 4K in ras. V, itemlin. 5,8,9; JHP. 5. cvupsreog
B, corr. m. 2. 7. 7] corr. ex vo m. 1 F.  dozdv] ol PBYV,
comp. Fb. 9. 2%0t/» PB. nel](prius)om.B. 10, devppereds F.
domw P. 11, 16} correx o m. 2 F.  z¢] corr. ex 76 m.
2F 12 40)] (alt) ©, add. Z m. 2, F. {fotly PB. nal]
om. P. 13. iy om. P, JH] dinras. V, Hd4 Fb. 14.
doa] m.2F. 15 elowP. 16.Z0] JKinras. V. 084]d°P.
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+ BI® medium est et = 4E, 4E medium est. et
rationali 41 adplicatum est latitudinem efficiens 4 H.
itaque 4 H rationalis est et rectae 4I longitudine
incommensurabilis [prop. XXII]. rursus quoniam
2 AB>< BI’ medium est et =40, 40 medium est.
et rationali #I adplicatum est latitudinem -efficiens
AZ. itaque JZ rationalis est et rectae 4I longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AB® 4+ BI? et 2 AB >< BI' incommensurabilia sunt,
etiam AJE, 40 incommensurabilia sunt. uerum
AE: 40 = AH: A4Z [V], 1]. itaque 4H, A4Z in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. itaque HA, A4Z rationales sunt potentia tantum
commensurabiles. quare ZH apotome est [prop.
LXXIII]. Z® autem rationalis est. spatium autem
recta rationali et apotome comprehensum irrationale
est [prop. XX], et recta ei potentia aequalis irrationalis
est. est autem A =ZE. ergo AT irrationalis est;
uocetur autem recta cum medio totum medium efficiens.
quod erat demonstrandum.

LXXIX.

Apotomae una tantum congruit recta rationalis
potentia tantum toti commensurabilis.

17. dedoydror] om. P, 4¢ze PBV, comp. Fh. 18,
4ozt PBV, comp. Fb.  19. 6t BV, comp. Fb. 7] om. P.

20. 8meg #8er delton] comp. P, om. BFVb.  21. 08'] corr.
ex #' m 2 F, 22. povor] om. P, pudwvy V et F supra scr.
oy m. 1,
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"Eerw azovouy 7 AB, mgocapudtovea 8% avrh %)
BI af AT, I'B apa ¢nrai elov dvvdpe udvov 6vu-
ustgor’ Aéyw, Sve vij AB érépa 0¥ mpooapudler ¢y
dvvduer udvov ovuuergog ovee T OAy.

El yag Ovvardv, mgosapuolitm 1 B4 xal of
Ad, 4B é&pe gyral elor Ovvapse uovov GUURETQO:.
nel dmel, ¢ Umegéyst T dmd tdv Ad, AB tov dig
vnd vy Ad, AB, vovre Uvmeoéper xal Te dmd ToV
AT, I'B vov dlg vmd tdv AL, I'B* ©¢ pag avré 16
dnd tiig AB dupdtepe vmepéyst: dvadia Goe, & vmsg-
éyer T and tév AAd, AB rov and rev AT, I'B,
TovTe Umegéys [xal] O Olg Umo toy AA, 4B tov
dlg ¥md zév AT, I'B. e 0% and 1év Ad, 4B vév
éno v AT, I'B vmepéyer dnrd: yra yoe dupireoe.
xol 70 Olg dpu VmO Tov Ad, AB tov dlg Vmod TGV
AT, I'B vmegéyer ¢nre” Gmep éotly ddvwarov: uéoe
yeQ dugdrspn, péoov 0% péeov ovy Umegéyel nTo.
]} Gge AB érépa 0¥ mgocaguilss Gnry Svvaue povov
ovuueTgog ovow i GAy.

Mle &oe udvy tij amotous] mgodagudtee énry Ov-
voipel pévov GUuuETEOg ovoa Tjj 0An: Omeg éde deitar.

’

7.
Ti uéeng amoroutd meary ule wovov mwgoo-
agudls sV 8sia péon dvvdusL uévov 6Vuuergog

3. ¢nr] m. 2 F. 5., uqoaagp,ogeaﬂm b. %ol om. B.

6. AB] B4 F. 9. 76 a1ro tngl 6 F. 10. 4B — dmeg-
éyel) an ay.q:oréqmr vmgolng % ané tijg AB BFDb; in B del.
m 2, mg. o yae avtw—vnspézu m 2 &) ogb. 11, A4,
AI" TBF, corr.m.2. dmwd — 12. vwspsxu] in ras. F. 12

nou’ om. P. ~4B]m. 2F., 14, nrd] corr. ex gnryj V et
m. rec. B.  Post yae add. sloww FVb, domw B. 15, 74] corr.
extéo m. 1 F.  dea] om. V. 17, "Post yoe add, eleww Vb,
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Sit 4B apotome, ei autem congruens BI.
itaque 4I', I'B rationales sunt potentia tantum
commensurabiles [prop. LXXII], dico, nullam
7B aliam rationalem potentia tantum toti commen-
surabilem rectae 4 B congruere.

nam si fieri potest, congruat B4. itaque etiam
7 Ad, 4B rationales sunt potentia tantum com-
-4 mensurabiles [prop. LXXIII]. et quoniam
(44 + 4B*)+-244< AB=(A"*+T'BY)+—2A4I'<I'B
(nam utrumque excedit eodem spatio 4B* [II, 7]), per-
mutando erit
(AL + AB?) (AT + T'B?)=2 AA4>< AB -2 AT'><I'B.
uerum A4 A% 4 4 B* excedit 4 I"* + I"B* spatio rationali;
nam utraque rationalia sunt. itaque etiam 2.44>< 4B
excedit 2 4I'>< I'B spatio rationali; quod fieri non
potest; nam utrumque medium est [prop. XXI], me-
dium autem non excedit medium spatio rationali [prop.
XXVI]. itaque rectae 4B nulla alia rationalis po-
tentia tantum toti commensurabilis congruit.

Ergo una tantum recta rationalis potentia tantum
toti commensurabilis apotomae congruit; quod erat
demonstrandum.

LXXX.
Mediae apotomae primae una tantum congruit recta
media potentia tantum toti commensurabilis, cum tota
autem spatium rationale comprehendens.

éotiv BF. 18, 7jj] corr. ex z¢ m. 2 F.  dnuije V.  20.
ple — 21. 81y] bis F, sed corr. 20, wévovr BFb.  mgoc-
wopdosr BFVD, 21, mee £0s1 deitee] comp. P, om. BF Vb,

22. ma’ F, et sic deinceps.  28. péang] corr. ex péoqp m.
rec. P, péoqe BFV, péon b.  pla] om. b.
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ovoa 7§ Ay, peve 0% Tig GAng ¢nToV WeQL-
égovoa.

"Eorw pop péong dmovourn modry 7 AB, xel T
AB mgooeguotérw  BI of AT, I'B dga uéear &lol
dvvdus pdvov ovpucrgor ¢nrov mepiéyovoar TO VO
tév ALy, I'B* Aéyw, Ote vij AB érépa od mgooapuoter
péon dvvdust wovov evpusteog ovoe tij BAy, wsre OF
Tijg 8Ang gnrov meguéyovoa.

E¢l yag dvvardy, meosaguolétm xal 7 4B ol &ou
AAd, 4B uéear elol dvvdpss ulvov evuucrgor gnrov
meguéyovoar 7o Umd rév Ad, AB. xel émsly ¢ vmeg-
el T amd 1V Ad, AB vob dlg V®o rév AA, 4B,
TovTe vmegéyer xal ta amd tov AT, I'B tov dlg tmd
tév Ay, I'B’ 1t pag avrd [weiw] Umepéyover ve
énd viig AB* évadddt Fow, ¢ Umegéyer T AmO THWY
Ad, 4B tédv dnd vév AT, I'B, rovre vmeéys xal
70 Olg vmwd vy AA, AB vov dlg vnd rov AL, I'B.
76 0% Olg v tov AA, AB vov dlg vmd rov AT,
I'B dmepéyee fqre” ¢nra pag auporepe. xel ta amd
tév AA, 4B dga tédv and rov AT, I'B [rergaysveov)
vmegéyee nrg” Omep dotly ddvvarov' uéoa ypdp foviv
qu@dtege, uicov 0% uéoov ovy UmegéyeL $nTe.

Tij oo uéong dmotops mewry ule wévov weos-
aguoter evdeln uéeny dvvdus udvov d'éy,y,emog odoa
vj] OAy, were 0% viig OAns $nrov meguéyoven: omsg &0e
dsias.

3. péon BVb, om. F. 4. meosaguéfer F, corr. m. 2.  of]
corr. ex e m. 1 F. dox AT, I'B BFVb. slolv B, 5.
Goppergos V, corr. m. 1. 6. mpocwoudos: V. 8. nsewzovam
V, corr. m. 1. 10. Adl m. 2 F. elow LB. 12. 1] corr.
ex o m. 2 F.  zo9] voe F. AT, I'BF. 13 vnsgugs b,
corr. m, 1. 14, z3] corr. ex 7d A walw] om. P, mrsp-
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y Sit enim 4 B mediae apotome prima, et rectae
AB congruat BI'. itaque AI', I'B mediae sunt
7B potentia tantum commensurabiles spatium rationale
comprehendentes 4I">< I'B [prop. LXXIV]. dico,
rectae 4B nullam aliam mediam potentia tantum
1 toti commensurabilem congruere cum tota spatium
-4 rationale comprehendentem.

nam si fieri potest, etiam 4B congruat. 44, 4B
igitur mediae sunt potentia tantum commensurabiles
spatium rationale comprehendentes 44 >< 4B [prop.
LXXIV]. et quoniam est
(AL + AB?)+2Ad<AB=(AT?+I'B*)+2 AI'<I'B
(nam eodem spatio 4 B® excedunt [II, 7]), permutando
erit
(AL + ABY) (AT + T'BY)=2 Ad>< AB~-2 AT'><T'B.
uerum 2 44 >< 4B excedit 2 A" >< I'B spatio rationali;
nam utrumque rationale est. itaque etiam 4.4 -4 4 B?
excedit 4I'* 4 I'B® spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXIV], medium
autem non excedit medium spatio rationali [prop. XX VI],

Ergo mediae apotomae primae una tantum recta
media congruit potentia tantum toti commensurabilis,
cum tota autem spatium rationale comprehendens;
quod erat demonstrandum.

éyovary LBF.  1¢] zd b, 15, 7¢] »al 7 LB, 17, 74]
te P, 18. 70 0¢ — 19. I'B] el V. = 20. zetgaydvar] om. P.

21. dmegéfes P, £ supra ser. B, 22. 0] yde L.  28. uéay
Eelli Fp;’qg] LBFYVb. 25. 8meg #d0er deifar] comp. P, om.

Euclides, edd. Heiberg et Menge. III. 16
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wer'.

Ti uéeng anotons] devrépe pia povov Qoo -
apuites evdele péon Svvduse pévov 6vpusroog
Tfj 04y, pera 0% vijg 8Ang wédov megLégovoa.

"Eetm upéong amotourn Osvréga 7 AB xal tfj AB
ngodapudtovee § BI af &pa AT, I'B péoar &lol
dvvduse uovov ovuusToor pécov meguégovear TO6 VWH
tiv AT, ['B* Aéyw, du tij AB éréga 0¥ m@oGagudase
e0Beln péoy Odvvdust pévov oVuusTgog ovow T OAy,
pere 0t tijg odng pédov megiéyovon.

El pog dvvardv, mpocapuotite § BA" xal af Ad,
AB &go péeor &lol dvveapst povov ovppsrgor picov
neguéyovoar o Umd thv Ad, AB. xal éxxsloda Gy
% EZ, xal voig utv amd v AT, I'B loov maga tyv
EZ moagapsplijcdo to EH miAarog mowovy thy EM-
16 0t 8lg vmo rév AT, I'B loov dgneiede 0 @H
wAdrog mowovw Ty O M* Aoumdv dpe t6 EA lgov éotl
¢ dmd tijg AB* dere 7 AB dvvarwr o EA. midw
0% toig and vov AA, AB leov mage v EZ mago-
Beplijcdw ©o EI mhdrog morovy v EN* &ere 0% xal
10 EA loov te and tiig AB tevpaywve: Aowmov dge
6 @I igov arl ¢ Olg vmo vév Ad, AB. xal émel
uéaor elolv of AT, I'B, uéea doa éotl xel o dmd tov
AL, I'B. xel éorww i6a vo EH' péoov &ge xel to
EH. xei moga dneqw v EZ magaxsicar xlatog mototy

2. péon uel pésy LBFVD. uovy V. 5. péon uel
wpéoy LBFD, e corr. V. devtépa] om. b, AB] B in ras.
m 1P xalzfj 4Bl om. V. 6. 7] 8¢ 4 V. «of] supra
ser. m. rec. b.  #lelv LBP. 7. ©6] z¢ L? 8. vdv] om. b.

woosoguofst LBb. 11, 4B F. axaf] om. B. 12. sloly
LB. 16. AB, BI'b.  20. EI] supra scr. Z F. & L.
21. %al lowmwoy V. 22. lgov — 24. o EH] mg. m. 1 F.
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LXXXI.

Mediae apotomae secundae una tantum recta media
congruit potentia tantum toti commensurabilis, cum
tota autem spatium medium comprehendens.-

4 B ra Sit 4B mediae apotome
: l secunda et rectae 4B congruens

z

4 o BI'. itaque 4I, I'B mediae
sunt potentia tantum commen-
surabiles medium comprehen-
dentes AI"><I'"B [prop. LXXV],

H > dico, rectae 4B nullam aliam
rectam mediam congruere po-

1 N tentia tantum toti commensu-
rabilem, cum tota autem medium comprehendentem.
nam si fieri potest, congruat B4. itaque etiam
AAd, 4B mediae sunt potentia tantum commensurabiles
medium comprehendentes 4.4 >< 4B [prop. LXXV],
et ponatur rationalis EZ, et quadratis 4I'"* 4 I'B?
aequale rectae EZ adplicetur EH latitudinem efficiens
EM; spatio autem 2 4I'><I'B aequale auferatur @ H
latitudinem efficiens ® M. itaque reliquum EA = 4 B*
[II, 7]. itaque 4B spatio EA aequalis est quadrata.
iam rursus quadratis 44% 4 4B? aequale rectae EZ
adplicetur EI latitudinem efficiens EN. est autem
E 4= 4B itaque reliquum @I =2 4 4>< 4B [II, 7].
et quoniam AT, I'B mediae sunt, etiam 41" I'B?
media sunt. et 4"+ I'B*=EH. quare etiam EH
medium est. et rectae rationali EZ adplicatum est
latitudinem efficiens EM. itaque EM rationalis est

22. doriv L. Post émei del. m. 1: loov ozl ted Olg P.  23.
foviv L, eloi Fb.  24. EH) seq. foov forl v EH F.

16*
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v EM: ¢ury; &oe éotiv | EM xal dovupergog v;
EZ wiyxe.. wmdiw, énel péoov detl 10 vmd vév AT,
B, xal 70 dlg vwo tév AT, I'B péoov éorlv. xal
éorwy loov v OH' xal 10 OH dga péoov doriv. xel
nege ¢nryy vy EZ magdxeiter whdrog mowotv v
OM:. §nry) cgo dorl nal n O M xal devpustoog T EZ
pijxse. xel émsl af AT, I'B dvvduer uévov evpustgol
elow, aovppergog tga éativ § AL tfj I'B wixe. dg
0t 7 AT mgog vyv I'B, ovrwg éori 10 dmo mijg A"
7gog 70 vmo vov AI, I'B* acvupsrgov dge 6Tl 70
ano vijg AT © Vmd vév AT, I'B. ddde vé pdv dmo
vijg A evpustee éoti va dmd vév AT, I'B, ¢ 0
17 v AT, I'B odbuuergov éore 6 Olg vmd v
AT, I'B acdpusroe doo €otl te dnd vdv AT, I'B
1e Olg Omo 1év AT, I'B. xal éove voig ulv dxod rév
AT, I'B loov vo EH, ©¢ 0} dlg w6 rév AT, I'B
loov vo HO®' dodpustpov dga éotl ©6 EH v OH.
g 0t ©0 EH mpog 16 OH, otrwg dotly ) EM modg
iy @ M" aovppergog doo dovlv ) EM tfj MO uijxe.
xel elow apgireoar fyral: ol EM, MO é&oo ¢nral
slor dvvdpsr uovov evupergor dmorouy dga éotly 19
E®, mgooaguofovon 8% avrij n OM. bpolwg O Ost-
Eopev, Gve xel ) ON adrf] mgosagudle tfj Gga dmo-
Toufj &AAy xal §AAn mgocaguifes sbdela dvvdue udvov
ovupsTQog ovow T OAy’ Omep éarly ddvvarov.

Ty doa uéong dmoroufj Osvrége wle pévov mgoo-

1. EM] (alt) ENL?, MEb., 2. éeviv L. 8.0dlgdox V.
doriv] L, comp. Fb, fer/ PBV. 4. 7% ©®H] om. L, m.
2 B. £¢m’e L, comp Fb, dot/ PBV. 6 dotiv L. 7.
) in ras aavy,y,stqoc’ F, sed corr. éotty L, doa
éotl B. 10. dodppstooy — 11, FB;]) m, 2 V 10. éori
ol B. 11, AT'] (prius) ¢ (non F, habuit B). 12. domy P,
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et rectae EZ longitudine incommensurabilis [prop.
XXII]. rursus quoniam AI">< I'B medium est, etiam
240 >< I'B medium est [prop. XXIII coroll.]. ¢t
@H =24I'><I'B. itaque etiam ®H medium est.
et rectae rationali EZ adplicatum est latitudinem ef-
ficiens ® M, itaque ®M rationalis est et rectae EZ
longitudine incommensurabilis [prop. XXII]. et quon-
iam AT, I'B potentia tantum commensurabiles sunt
AT et I'B longitudine incommensurabiles sunt. uerum
A:T'B=AI"*: AT ><I'B [prop. XXI coroll.]. quare
AT et A" >< I'B incommensurabilia sant [prop. XI).
uerum 4 I'%) A" I'B® commensurabilia, et 4 I'><I"B,
2A4I'>< I'B commensurabilia. quare AI*® - I'B?,
2 AT’ >< I'B incommensurabilia sunt [prop. XIII]. est
autem EH=AI?+4TI'B’, HO=2 AI'><I'B. itaque
EH, ®H incommensurabilia sunt. est autem EH:®H
=EM:0M [V], 1]. itaque EM, M® longitudine in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. quare EM, M® rationales sunt potentia tantum
commensurabiles. itaque E@® apotome est [prop. LXXIII],
ei autem congruens @M. iam similiter demonstrabimus,
etiam @N ei congruere. itaque apotomae rectae di-
uersae congruunt potentia tantum toti commensurabiles;
quod fieri non potest [prop. LXXIX].

Ergo mediae apotomae secundae una tantum recta

16. dorev P, 17, HO] inras. V., EH] mut. in HE m.
1V, HE Bb. 18. z6] (alt.) om. b, 19. M©] in ras. m,
1 B, @M P. 20. &eo] postea ins. m. 1 V. 21. &lac] om. ¢.

svpusteot] -ot e corr. P. 28. ®N] N in ras. V.  mgoo-
eguorree V. dmotopf; tfj E® V. 24, uowoy)] supra scr.

m 1 F 2. Gneo fotly ddYvarov] om. V. 26. péoy
BFVb,
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aoudte eddeie udon Ovvdpe wovov vupergos ovow
7ij OAy, wera 0F vijg OAng uéoov megiéyovon’ Omeg Edec
deta.

nf’.

5 T7 éAdedov. uie pdvov wgodagudfsr evdsela
dvvdue dovpueTpog ovoa tf 6Ay moLovoe peTa
T1jg 0Ang 70 uiv éx ToOV ax aVTOY TETQRYWVEY
¢ntdv, 16 0F dlg Ox’ avrdv péoov.

"Eorw 1 éAadowv y) AB, xal vij AB meosaguifoveon

10 é6tw 7 BI™ af épa AT, I'B dvvdus sloly aovpucroor
woroUear TO udv ovyxeluevov éx Tov an’ aVTOV TETOR-
yovoy ¢nrdy, 7o 0 dlg Un’ alrdv péeov: Adym, Ote
4] AB &répu ebPela 0¥ modagudeel Ta avre woLovew.

El yag dvvardv, mgooupuolérw 1) BA* xal af A4,
16 4B &g dvvaus &loly acvuueTgor moLovGaL Te WPO-
algnuéve. nol émsl, @ Umeéys vo dnd vév AA, AB
tév and tév AT, I'B, zovre vmegdyer xal 7o Olg
o vy Ad, AB vo dlg vwo tév AT, I'B, ta ok
and tév Ad, AB tergdyove thy dnd viév AT, I'B
20 TETQaydivey Umegéyss fnre $yre pdo darw dupiregn
xel 70 Olg Um0 tov AAd, AB dga vod Olg Vmod Tdv
AT, I'B vmegéyer ¢nici Gmzp éovly advvaron® uéon
yig éoTiy aupirege.

Ty} doe éAdocovs ‘wile wovov mocegudfes svdelw

25 Ouvdust aevuuergog ovow 7§ Giy xel mowovoa Ta win
1. e9@sle — udvow] om. P. 2. Gmeg #8a deifer] comp.
P, om. BFVb. 4. nf’] corr.ex =y’ F. 5. pdwoq V, pév'g ¥,
9. %] (prius) ins, m. 2 F. 10. dea] supra scr. m. 1 V,
 gdupszeor F. 13. 7jj] corr. ex 7 m. 2 F. Erdoar ed-
Pelr F. moogaguote b. 14. #af] om. B.  «f] om. b.
15. Ante slof» ras. 4 litt. V. t¢] 6 V, et F, corr. m. 2.

mooetgnuéve] plv dmo viv Ad, 4B (m, 2 F) zergdyove
(-yoveoy FV) dua $nrév, 16 8t dlg vmo tdv Ad, 4B uéooy

-,

\
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media congruit potentia tantum toti commensurabilis,
cum tota autem spatium medium comprehendens; quod
erat demonstrandum.

LXXXII.

Rectae minori una tantum recta potentia toti in-
commensurabilis congruit cum tota efficiens summam
quadratorum rationalem, rectangulum autem duplum
medium.

Sit 4B minor, et rectae 4B congruat BI. itaque
AT, I'B potentia incommensurabiles sunt efficientes
summam quadratorum ratio-
nalem, rectangulum aatem du-
plum medium [prop. LXXVI]. dico, rectae 4B nullam
aliam rectam congruere eadem efficientem.

nam si fleri potest, congruat B4. itaque etiam

Ad, 4B potentia incommensurabiles sunt efficientes,
quae diximus [prop. LXXVI]. et quoniam est [II, T;
cfr. p. 238, 7 sq.]
(422 + 4B%)—+ (A +T'B?) =2 44< AB—+2AI'<I'B,
et A4 + AB* excedit AI™ 4 I'B? spatio rationali
(nam utraque rationalia sunt), etiam 2 44 >< 4B
excedit 2 4" >< I'B spatio rationali; quod fieri non
potest [prop. XXVI}; nam utrumque medium est.

Ergo rectae minori una tantum recta congruit po-
tentia toti incommensurabilis et cum tota efficiens

A B r

Theon (BFVb).  16. z¢] in ras. m. 1 P. 17. vé] e B;
7o F, sed corr. m. 1. 18, vné — J4] mg. m. 2 B,  z0d
—19. 4B] ecorr. m. 1 F. 19, A4d] 4 ecorr.m.1V. 20
vmeeége] m. 2 B.  slow b, 21, &ge] m. 2 B, om. FVb.

23. domv] m. 2 F. 24 doa] om. P.”  Ante m’a del. 7
AB m. 2 udvy V. 26. dvva, u yovov FVbh. ovp-
petgog FVb et B, corr. m. 2. el . V. zd¢] %6 PFV.
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an’ avrev TeTeayove Gua ¢nrdv, 7o 0% dlg Un’ altov
uéeov’ Omeg #0e Osibou.

my'.
Tii wera ¢nrod wéeov t0 GAov motovoy ple
b uovov mgocegudfel evdeia dvvdpsl GoVppsrgog
ov6a Tjj 84y, pere 0t tig SAng molovee 1o piv
Guyxeluevoy éx THV AT aUVTOV TETQAYRVOV
péesov, 16 0t dlg vn’ adrHv fnrdv.
"E6tw 17 et §nvov uéeov 1o dAov morovew 1 AB,
10 xel 75] AB mgoeaguotézw 7 BI™ of dga AI', I'B
dvvdust &loly devppergor morobowr TR mQOXEpEve”
Adywm, On T AB étdpa ol mgocepudest o avta
moLovga.
E¢ pag dvvarév, mopodeguotite v BA* xol af A4,
16 4B &oo e0Pslon Ovvdper eloly aevpusroor moroveaL
Ta mooxelpeva. émel obv, o Umepéyst To amd THv A,
4B tév and vy AT, I'B, tovre vmepéye xal ©o
dlg vmd tov Ad, 4B tov Olg ¥vmd tov AT, 'B
axoiovdwmg Tols med avrod, To 0% dlg Vw0 Tav A,
20 4B ot 0lg vmd vov AT, I'B Umegéyer $nre gnre
yig éoriv qupdregn xel to dnd tov Ad, AB doa
tov and tdv AL, I'B vmepéyer fnre: Omeg éoriv
advvarov® péee yde éoTiv aupdrspn. ovx doo 1i] AB
étéga mpocaguisel eVPeln Ovvduer dovuuergos ovoa

1 t&‘tqaym'vov P, reroaydver V, et F, corr. m, 2.  Post
énrov add. pera Tijg olng V. o onsg 2081 deifon] comp. P,
om. BFVb. 3. wd' F. 4 pera 7ov V. Post 61)1:0'0 add.
»al{ m. 2 F. 5. wovn V.  10. xel 7 4B] om. B.  mgoo-
aguéfovea Vb, nqoo‘aeyotovca 3¢ B, aq‘uogovo'a F. 11, 7o
n@oue{yswa] 1:o pév cvyus[psvov éu WY GO TOY AT, T'B ze-
Teaydvoy pécov, 6 Ot Ol vmo vdv AI', I'B $nrév Theon
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summam quadratorum rationalem, rectangulum autem
duplum medinm; quod erat demonstrandum,

LXXXIIL

Rectae cum rationali totum medium efficienti una
tantum recta congruit potentia toti incommensurabilis,
cum tota autem summam quadratorum mediam efficiens,
rectangulum autem duplum rationale.

Sit 4B recta cum rationali totum medium efficiens,
et rectae 4B congruat BI. itaque 4T, I'B poteutia
4 B incommensurabiles sunt propo-
' i sita efficientes [prop. LXXVII],
dico, rectae 4B nullam aliam congruere eadem effi-
cientem.

pam si fieri potest, congruat B4. itaque etiam
Ad, 4B rectae potentia incommensurabiles sunt pro-
posita efficientes [prop. LXXVII]. iam quoniam, sicut
in priore propositione [p. 246, 16 sq.]

(AL + AB?) (AT T'B2) =2 AA><AB—+2 A<IB,
et 244 >< 4B excedit 2 4" >< I'B spatio rationali
(nam utrumque rationale est), etiam 44% - 4B? ex-
cedit 4TI 4+ I'B® spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXVI]. itaque
rectae 4B nulla aha recta congruet potentia toti in-
commensurabilis, cum tota autem efficiens, quae dixi-

(BFVb). 12 iéyo — 186. ﬂ@ouezywa] om. P, 12 zavza V.
14. Ad} 4 e corr. m. 1 b. 16, za nponsmsva] ro udv ovy-

uu’usvov % tOY dmwo tov Ad, dB tsmaywvmv uéoov, 76 OF

Slg vmo -mw Ad, 4B (4B, Bd @) ¢nrov Theon (BFVb). 1a]

corr. ex v6 F. 18, Post I'B uacat una linea et spat. 6 litt. b.
21. dorv] om. V, m. 2 F, 23. yco sloww V.
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vfj GAy, weva 0% tig 8Ang mowoDoe ta moosgNuive:
ple dpe uévov modagudcs. omeo e Ocika.
md’.

T5 were péeov péeov vo Slov morovay pla
udvy mpocapudts e0@sla Svvdpel d6vpperog
ov6wa Tf 0Ay, pera 0% Tig 8Ang motoVoa T T
Guyxelpevor éx 1dYv an avTdY TETQAYBVAY
péoov v re Olg U® avrdv péoov xal &vi aovu-
UeTQoV TP OvyxeLpéve éx THY & avrdv.

"Eote % peré uédov péeov to diov moiovowa 1 A B,
ngooapuilovea 0t avrij v BI* of dga AT, I'B dv-
vape sloly a6VpueTQoL TotovoaL To TEosEUéve. Ady®,
Gve 1] AB évége oV mooGaguicsL molovea TR WQOEL-
onuéve.

E! yap Ovvardv, moocaguotétw 7 BA, dore nal

. tag Ad, 4B dvvdue acvuuérgovs elvar moloveag To

20

16 &wo 1oV Ad, AB tergdyove Gue pécov xal To
dlg Vo 1w Ad, 4B uédov nal Er T amwd tdv Ad,
A B aedpperoen td Olg vnd tiv A, 4B xal éxxelodo
énry 1 EZ, xal volg utv and vév AT, I'B leoy mage
v EZ magafefinode to EH miavog moiovv v

1. Te moosignuéva] 1o ply ovyxelpevoy v TdY dn’ avTOY
terooywvay pésov, 1o Ok dlg vn’ adrdy §nréy Theon (BF VD).
2. plo deo] tfj o uera nrod pécey 1o Slov morovey pla
BVDb et F, om. plo.  moocepuofee %'b, wal za éEijg F.  Omee
#3s1 dsiken] comp. P, om. BFVb., 8 #d']sicm. 2 F. 5.
pévor BFb.  Post dvwaper del. pévor m.’'1 P. 8. =z u‘l
nal 76 Theon (BFVb). Yo o b, aevupergog F, se
corr. 9. 70 ovynsluevoy €x Ty dn’ aviav v dlg vn’ adrav
Theon (BFVb). 11, adrjj] om. Theon (BFVb). 12, za
mooeignuéva) ©6 ze (uév F) ovyxeluevov dx tdv dx’ adviy te-
roaydvay uédoy xel 76 dlg ©md tdv AT, I'B (9a" avraw V)
péoov, fu (corr. ex dons F) 6% 1 dno oy AT, I'B rerodyova
(z¢ add. F) dodppetpa 76 Slg 9n6 tav AT, I'B Theon (BF VD).
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mus. ergo una tantum congruet; quod erat demon-
strandum.
LXXXIV,

Rectae cum medio totum medium efficienti una
tantum congruit recta potentia toti incommensurabilis,
cum tota autem efficiens summam quadratorum mediam
et duplum rectangulum medium praetereaque summae
quadratorum incommensurabile.

Sit 4 B recta cum medio
totum medium efficiens, ei
E ("9 M N autem congruens BI". itaque

4 B r 4

AI'y I'B potentia incom-
mensurabiles sunt efficien-
tes, quae diximus [prop.
Z 4 H I TXXVII]. dico, rectae 4B
nullam aliam congruere efficientem, quae diximus.
nam si fieri potest, congruat B, ita ut etiam
Ad, 4B potentia incommensurabiles sint efficientes
A+ 4B° medium et 2 44>< 4B medium et prae-
terea A4° 4+ 4B, 2. 44 >< AB incommensurabilia
[prop. LXXVIII]. et ponatur rationalis EZ, et qua-
dratis AI'® 4+ I'B® aequale rectae EZ adplicetur EH
latitudinem efficiens EM, spatio autem 2 4I"'><I'B ae-
quale rectae EZ adplicetur @H latitudinem efficiens ® M,

13. Post npocagyéo‘sa add. Theon: dvvdust aavm;aroog ovoa
Tjj 6iy, pera 0% g Sins (BFVb). ngouqmwvu] -&1- m ras.
m. 1 P, mgoxglueve Theon (BF VD). 16 s[vou mwp,y,szqovg
BFV, slowy dovpp. b,  za 7e] 76 7e P, 10 pév BFDb, 76 =
ovyxeipevoy e corr. V.  17. ¢mo] éx V. 44, 4B] in ras. V.,

rszguyawmv P et V (supra -ov ras. est). ay,a] supra ser. V.

%supra. scr. V. 18, 9mé — 4B] on’ avww V. 7]
om. 19. Post 4B del. m. 2 teteayove V. dodppergoy P,
20. roig] corr. ex tovg m. 1 V.
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EM, © 0t dlg vmo tév AT, I'B loov mage tyw EZ
nogafefiioden o @ H whdrog moovw 1y @ M* Aowwdv
doa 0 amd vijg AB loov éovi v EA" 7 dee AB
ovverer 10 EA. mdiw tolg and tov Ad, 4B iGov
nege v EZ mopafefiiodo 1o EI mAdrog moiodw
v EN. &6t 0t xal 10 amo tijg AB i6ov t¢ EA
Aoumov g vo Olg vmd tov Ad, AB icov [éotl] 16
@I xal émel pédov dorl 10 ovyxeluevov éx tév amd
tov AT, I'B xal é6vwv idov v¢ EH, pésov &oe éotl
xel ©o EH. xal maga ¢yeny tiy EZ wagdxsiver whavog
motovy iy EM: ¢gnry doa éetly ) EM xal dovu-
pevgog ] EZ pijxer. mdAw, émel upéoov édeti vo dlg
o0 tdv AT, I'B xei éotww idov g O H, pédov dgu
xel 6 OH. xol mape gnryy vy EZ moagdxsiras
mAdarog mowoby vy OM: Jqry dgo devriv ) OM xal
acduucrgog tj EZ wijxst. xol émsl dovuuergd fote
ta dno tdv AL, I'B ©¢ dlg vno rév AT, I'B, aovu-
pergov éove xal o EH ©p @ H* dovupstoog Goo ovl
xel 7 EM v} MO pijner. xol slow augdteger dnral
of dge EM, MO ¢nyral elow dvvdus. udvov 6vuusroor®
amovouy &ga otlv 1) EO, mgocaguioven 0% avrij 7
@M. opolwg 07 Oelbouev, 6ve 9§ EO mdlv dmorous)
oy, moooaguofovoe % avey § ON. tj oo dmoTous]
GAAny xel dALy meodapudlss dnry dvvdus pdvov ovu-
pETEog ovew Tij 6Ay" Omeg {0siy®n ddvverov. ovx &ge
v} AB fvéga mpodaouide sdsle,

1, nagu — 2 naoaﬁsﬁlnu#w] apyericde V. 2. H® B.
M® inras. V, @N F. loméy — 6, ENJ mg. m, 1 F, 4.
Tois wév P, 6. =] bis V. 7. éot(] éoviv P, om. FVD,
m. 2 B. 9. z¢) w6 F.  péoor — 10. EH] mg. m, 2 V
om. %el. 13. z) corr.ex 76 V, zd F. 6H] HE F. 15,
$neh — OM] mg. m. 1 P (41l my) 17. dedpperooy — 18,
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itaque reliquum [II, 7] 4B*=EA. quare 4B spatio
E A4 aequalis est quadrata. rursus quadratis 4 4% 4 4 B?®
aequale.rectae EZ adplicetur EI latitudinem efficiens
EN. uerum etiam 4B?==E /4. itaque reliquum [II, 7]
244>< 4B=@61
et quoniam 4I"*+ I'B® medium est, et A"+ 'B?=EH,
etiam EH medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens EM. itaque EM ra-
tionalis est et rectae EZ longitudine incommensura-
bilis [prop. XXII]. rursus quoniam medium est
2AI'><XT'B, et 2 AT'><I'B = @ H, etiam ® H medium
est. et rationali EZ adplicatum est latitudinem efficiens
@M. itaque ®M rationalis est et rectae EZ longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AI'* 4 I'B? et 2 A'><I'B incommensurabilia sunt,
etiam EH, ®H incommensurabilia sunt. itaque etiam
EM, M6 longitudine incommensurabiles sunt [VI, 1;
prop. XI]. et utraque rationalis est. itaque EM, M®
rationales sunt potentia tantum commensurabiles. quare
E® apotome est [prop. LXXIII] et ® M ei congruens.
iam similiter demonstrabimus, rursus E® apotomen
esse, el autem congruentem GON. itaque apotomae
diuersae rectae congruunt potentia tantum toti com-
mensurabiles; quod demonstratum est fieri non posse
[prop. LXXIX]. itaque rectae 4B nulla alia recta
congruet.

O©H]mg.m.1V. 18. &ex doc/ BFb. ©H] HO'F. focly
PB." 19. pnjues] om. b,  21. meooaeudrroveex V. 22 @M%
HO b, et F, corr. ex MO. 23, fom PBV, comp.Fb. 24 xa
alln 7] B. énz ]m 2 B. 26. ddvwarow delydn V.
%’ost AB del. su&ua m 1V, moocaoudfer b.
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Ty &oe AB plo povov mgodaguotel evdeia dvvapes
de6vuusrgog ovoe i OAy, mete O vijg OAng moioDow
Td 16 AN’ aVTOV TETQAYwVL Gue wécov xel Tod.dlg U’
avtdY pécov xal &r 1 an’ adrdv TeTPdyave AGVU-

b5 weToe v6 Olg v’ adrev: Gmeo E0e Ostbo.

Ogot TolToL
‘Proxsipévng dnrijs xal dwovouds, éav utv 4 oAy
vijg weooaguofoveng weifov dvvyTar Te awd GuuuEToov
Eavry mﬁxet, xel 9 Oy @lupergog 7 tf) éxxepévy

10 Onri] wixes, xedelodo dmorouy moaira.

M B’. ’Eav 0: 1 mgoeegudfovea evuusrgog 7 vi -
xewpévy OnTh mfxa, xal W 6’117 Tijg meoGapuofovong
ueitov dvvnrar Té amo ovpuérgov fevrij, xeAelodwm

2-‘% dmovops deuzige.

15 y'. 'Eav 0% undevépa 6Vupcrgog 7 TR éxxspévy
onth mijxes, 1 05 OAn Tig meoGaguofoveng peifov 0v-
vyTaL T amd Gvuuérgov favri, xaAislofw dmoToun

32 74. TQlTY.

0'. Hadw, éav % dAn tijg mpocepuobovons ueifov

20 OvvyTeL TG dwo cevpuérgov favry [pijxe], fov piv
% 6An 6Vppstoog 7 i dxxeudvy dnrh wixes, xaislodo

-’f., . &n:oro ) TETd

Eav 8% 5 ﬂgoda@yoﬁovda, REUTTY

[‘1 % G Eav 0% pnderépe, Az

1 povy V. nqouagyoas; BFV. 3. z¢] om. b, ¢ P.
retedywvoy P. péoa V. 4. xel é’rg] fue e BFVb. &.
6/} om. b.  advow] eras. B.  Omep #0ze deifar] om. BV,
6. Ggot tofrec] PV, mg. m. 2 B, om. F; =&’ b, mg. m. 2 B.
numeros_om. codd. 7. 77] om. B. 8. dvvares 9. dovp-
pétgov BV, sed corr, 9. ’1] supra scr. m. 1 b, om. V. 11,
e V. 12. xel % — 13. favrfi] om. Fb, mg. m. 2 B. 12,
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Ergo rectae 4 B una tantum congruit recta potentia
toti incommensurabilis, cum tota autem efficiens sum-
mam quadratorum mediam et duplum rectangulum me-
dium praetereaque summam quadratorum duplo rectan-
gulo incommensurabilem; quod erat demonstrandum.,

Definitiones tertiae.

1. Datis recta rationali et apotome, si tota qua-
drata congruentem excedit quadrato rectae sibi com-
mensurabilis, et tota rationali propositae longitudine
commensurabilis est, uocetur apotome prima.

2. Sin congruens rationali propositae longitudine
commensurabilis est, et tota quadrata congruentem
excedit quadrato rectae sibi commensurabilis, nocetur
apofome secunda.

3. Sin neutra rationali propositae longitudine com-
mensurabilis est, et tota quadrata congruentem excedit
quadrato rectae sibi commensurabilis, uocetur apotome
tertia.

4. Rursus si®tota quadrata congruentem excedit
quadrato rectae sibi incommensurabilis, si tota rationali
propositae longitudine commensurabilis est, uocetur
apotome quarta.

5. Sin congruens ei commensurabilis est, quinta.

6. Sin neutra, sexta.

»eel] supra ser. m. 1 V. 13. dvwarer PV.  Post xaleiodo
ras. 2 litt. V. 16. &/ V. 16. 5 8% iy — 17. favrj] om.
Fb, m. 2 B. 16, ddvarer V. 19. 7] m. 2 B. o 7QoG-
app,ogovom B, sed corr. (ante z7j¢ ras. 1 litt.). 20. ov ysrpov
B, corr. m. 2. pixer] om. P.  uév] supra ser. m. 1 21.
7] m. 2 B. 24 -ger £- in ras. m. 1P
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’

s,
Ebosly tyv mwoatny axortoprv.

Exxelodo $qry n A, xal tf A pixe 6vpucreog
forw 171 BH* $nry) doa éovl xal § BH. xal éuxeledwoay
5 0vo terpayavor aoiduol of AE, EZ, év 5 vmegoyy O
Z 4 i dorw revodyovog ovd deu 6 EA medg Tov
AZ Ayov ¥, Ov teTodywmvog coiduds meOg TETQA-
yovoy ¢ouiudy. xal memoujodw &g 6 EA mdg tov
AZ, otrwg T awo ijs BH terpdywvov meog t0 Gmd
10 vijg HI zetgdyovov: evuustgov dga é6tl Td amd vijg
BH ¢ dmd tfig HI. {nrov 0t 0 dmo tijg BH"
ooy doo xel o amd tijg HI ¢y doa dotl xal 7
HT. ol énel 0 E4 mgdg tov AZ Abyov ovx &yes,
OV TETAYaVog AeLduig TOg TETQUYVOY dELIudY, 000’
15 oo 10 amd tijg BH mog t0 amd vijg HI Adyov Fyee,
0v TETQAY@VOg deiduds mEog TETEAYRVOY AQLiudy:
acvuusrgog Goe Zatlv v BH vy HI winer. xal eloww
augoregar dyrel’ «f BH, HI dou fnral elow dvvdust

povov ovpusrgor” 7 doo BI' dmovous éormwv.

90  Aéym 01, Otv xol mpwrTy. .

Q. pap ueitov deru 1o dmd vijg BH vob dmd tijg
HI, ¥otw ©o amd vijg ©. xal émel doviv g 6 Ed
npog tov Z A, otwwg 16 amd tijs BH mdg 76 dmd
vijs HT, xal aveeroépavre doa éotly dg 6 AE moog
25 1oy EZ, ottwg 10 and vij¢ HB medg 10 amo tijs O.
1. we’] om. BFb. 3. $nmj]l m. 2B. pixe] om. V. 4.
forw] &oron F, corr. m, 1; &6t wijxer V. oty P. BH
cor. ex HBV. 5. #]l m. 2F. 6. 4ZBVb. ovx FV.
7. 42) "24' ¥. 8. nemorelodo F. 6] m, 2F,  10.
teTgdyovoy] om, V. ovppsrgog V, corr. m. 1. dortv V,
11. HB F. HI'} supra scr. ® b; &' F, sed corr. (?).

¢ntéy — BH] m. 2 B. 13. HI'] in ras. V, corr. ex I'd
m. 1b, 14, deduds] om. V.  doiBuov] om. V.  o0ddé
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LXXXYV.

Inuenire apotomen primam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit BH. itaque etiam BH rationalis est.
et ponantur duo numeri quadrati 4E, EZ, quorum
4 B T H differentia Z4 quadratus
Py o . numerus ne sit [prop.
o "E Z a4 XXVII lemma IJ. itaque
E 4: A4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. et fiat E4: 4Z=BH®: HI*
[prop. VI coroll.]. itaque BH?, HI™ commensurabilia
sunt [prop. VI]. uerum BH? rationale est. itaque
etiam HI™ rationale est. quare etiam HI rationalis
est. et quoniam E : 4Z rationem non habet, quam
numerus quadratus ad numerum quadratum, ne BH?
quidem ad HI™ rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque BH, HI lon-
gitudine incommensurabiles sunt. et utraque rationalis
est. itaque BH, HI rationales sunt potentia tantum
commmensurabiles. ergo BI"apotome est [prop. LXXTII].

Jam dico, eandem primam esse.

sit enim @* = BH®-- HI"? [prop. XIII lemma]. et
quoniam est

Ed:7Z4=BH*®: HI'"®,
etiam conuertendo [V, 19 coroll.] est
A4E:EZ = HB?: @,
uverum JE: EZ rationem habet, quam numerus qua-
dratus ad numerum quadratum; nam uterque quadratus

FVb. 15. doe] supra ser. m. 1 V. HI'] e corr. V. 17.

BH] HB . 18.&loww P. 19. ote V, comp. b, elor comp, g.
22. @] in spat. 2 litt. . Ed] 4E V.  23. zév] 16 b.
4Z BVb. 24. JE] in ras. m. 1 P,

Euclides, edd. Heiberg et Menge. IIL 17
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6 0t AE modg tov EZ Adyov &, Ov terpdymvog
apduds meos TeTgdywvov aQidudy ExdTepog yap Te-
rodyavdg detiv: xel ©6 amd tijs HB dea mgdg ©o
axd vijg @ Adyov EqeL, Ov TeTdymvog aguduog meldg
TeTpdyavoy agidudy: ovuuctgog oo éotiv v BH 13
@ wixes. xal Ovverer § BH vijg HI' peifov v6 dno
tijs @ % BH dga wijc HI' petfov dvverar t¢ amo
ovppéroov favry, wixst. xel ot % 8An 1) BH evu-
pergog 1 éxxzpévy Onvi wixee vfj A. §) BI' doe
dmovour] éoTL mEMTY.

Etonras oo 1) mowty dmovouy 7 BI™ Gmep édec
svQely.

’

ns .
Edosiv v dsvrégav dmwoTouwv.
‘Exxelodo ¢nry n A xal v A odpusrgog prrer
7 HI. §ney oo éotly ) HI xal éxxsiedwmeav 8vo
rerpdyavor aguduol of AE, EZ, dwv 1 Omsgoyn 6 AZ
w1 €oT@ TeTgdyovog. xal memou]edw og 6 2.4 meog TOv
AE, otrag 16 and viig I'H terodymvov meodg to and tijg
HB rergayovov. evppergov doa éotl 16 and vijg I'H ve-
Tedyovoy ©¢ and tig HB revgaydve. $nrov 0t vd dno
vijg TH. ¢nrov dga [éoti] xal 70 dnd vijg HB* dnuy) oo
éotlv v BH. xal énel 1o dno tijg HI terodyevoy modg to
&no vijg HB A6pov ovx &yeu, Ov tetdymvog aoiduog moog
TeTodynvov doududy, devuusreds deviy % I'H vjj HB
uijxer.  xal elow appirepaur ¢nrel” of I'H, HB dou
1. EZ] inras. V. Postidyov del.ovxF. 2. zeredywvos]
zereayovoy F, sed corr. 8. doze PBV, comp. Fb.  dee] om. ¢.
4. @] HO b. 5. BH] HB P, 6. tiig] i b. L, 1.6.9
®H b; HO. 75 F. 8. agvupéteov P, et eras. ¢- V. 7
(prius) om. BVb. 9. pyixer] om. F.  7jj 4 pijxee BY. 13.

n5’] om. F, in figura =s". "14. 7»] supra ser. m, 1 P. 16
aovpuergos P, corr. m. rec.; ovpperoos form V. 16. dorly
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est. itaque etiam HB?:@®*® rationem habet, quam nu-
merus quadratus ad numerum quadratum. quare BH, ®
longitudine commensurabiles sunt [prop. IX]. est
autem BH® +— HI® == & itaque BH quadrata ex-
cedit HI" quadrato rectae sibi longitudine commensu-
rabilis. et tota BH rationali propositae 4 commen-
surabilis est. itaque BI" apotome prima est [deff.
tert. 1].

Ergo inuenta est BI" apotome prima; quod erat in-
ueniendum,

LXXXVI

Inuenire apotomen secundam.

Ponatur rationalis A et rectae 4 longitudine com-
mensurabilis HI. itaque HI rationalis est. et po-
nantur duo numeri quadrati 4E, EZ, quorum differentia
AZ numerus quadratus ne sit [prop. XXVIII lemma I].
et fiat ZJ: 4E=TH?: HB? [prop. VI coroll.]. itaque
I'H®, HB? commensurabilia sunt [prop. VI] uerum
I'H? rationale est. quare etiam HB?® rationale est.
itaque etiam BH rationalis est. et quoniam HI™: HB®
rationem non habet, quam

! numerus quadratus ad nume-

B r H yum quadratum, I'H et HB
o longitudine incommensurabiles
;;——Zl 4 sunt [prop. IX]. et utraque
s m— rationalis est. itaque I'H, HB
xel § P. 17, reredyavor] om. F, ins. m. 2 ante ddo.  ¢]

7 V. 18, menowelobo F.” A4Z FVb,  20. ovppergos P,
corr. m. rec. 21, zereayove) om. V. 22, é¢zi] om. BFVD.
25. &otv] doo ¥ domiw (sic) b, doa doviv V; oo add. m. 2 F.
HB]} BH BF. 26. urxec) e corr. V. HB] Becorr. V.
&'qa} om. Peo.
17%
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onral elor dvvapsr povov evupergors § BIT dpa dwo-
Town é6tiv.

Aéyeo 01, St xal devréga.

Qu pap psitov éom vo amd vijg BH tod and vijg
HT, #6to v0 dnod vijg ©. émel odv domy dg 16 dmo
viis BH mgog 0 amd vijs HI', otrwg 6 EA agiduods
o tov AZ agdudv, dvadroédpavr dga fotlv dg
76 and tijg BH mpog 10 and tiis @, ovtwg 6 AE
neog 1ov EZ. xal deviv éxaregog v AE, EZ 7e-
Tedywvog® T0 dpa amd tg BH medg ©d amd tijg @
Adyov &yeL, ov Tergdymvog doiduds wEog TETEAy@YOY
dududy: ovpuergos doa éotiv § BH ©vfj @ wjxer. xel
0vvarew 7 BH tijg HI" peifov v6 dmo tijg ® 5 BH
doa vijg HI" petbov dvvarar 1 amo cvuuéroov Savri)
urxee. xel doviw 1 meocagudfovee 1 I'H tfj éxxeuévy
énri} ovupergog v A. 1) BIT dga damorops] dati dsvréga.

Efonray Zga dsvrépe amovouy n BI™ 8mep &8s
dstkau.

nf’.

Edvesty viv tolrnv dmorounv.

"Exxslo® o dnry 1 A, xol éuxeloFwoay Toeis agidpol
of E, BI'y, I'd Adyov uy &povves medg adljiovg, ov
TETQUYOVOg aQIdpds mPOg TETPAYMYOY dQidudv, O 02
I'B nmgdg ©ov B Adpov éyérm, ov tergdyovog doiduds

2. oz PBV, comp. Fb. 8, 8] om. V. 6. deuBuds)
om. V. 7. dotdudv) om. V., 8. ofrwg] 8 Tdw (corr. ex
zé) F. o] supra ser. F. ~ 4E] E4 F. 12 dottv] dotl
prmee V. wixer] om. FVb, m. 2 B. xal ddvarar] m. 2
supra scr. B, -vve-inras. V, xaf dotiv Fb, Bm. 1. 13. peffowy
Fb et B, sed corr. m. 2; seq. ras. 6 litt. V.  z6] in ras. m.
1B, zov b. wijg]l om. V. 5 BH — 14. ovppéroov] mg.

m. 1 V (ovppérgov etiam in textu). 14, dovpufzeov b, corr.
m, rec. 15. odupecoos tf fuxepévy §nryi Theon (BF Vb).
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rationales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII].

Iam dico, eandem secundam esse.

git enim @%==B I+ HI*? [prop. XIII lemma]. iam

quoniamest ppos. gt — E4: 4z,
conuertende [V, 19 coroll.] erit BH®:0® = J4E:EZ.
et uterque 4E, EZ quadratus est. itaque BH?®: @?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque BH, @ longitudine commensurabiles
sunt [prop. IX]. et BHZ - HI® =@ quare BH
quadrata excedit HI' quadrato rectae sibi longitudine
commensurabilis. et congruens I'H rationali propositae
A commensurabilis est. itaque BI" apotome est se-
cunda [deff, tert. 2].

Ergo inuenta est apotome secunda BI'; quod erat

demonstrandum.
LXXXVII

Inuenire apotomen tertiam.

Ponatur rationalis 4, et ponantur tres numeri E,
BI', I'4 rationem inter se non habentes, quam nu-

4 merus quadratus ad numerum
" quadratum, I'B autem ad B4

Z 6 H  rationem habeat, quam numerus
\ K quadratus ad numerum quadra-
‘ \E tum, et fiat E: BI'= 4%: ZH?®
B 4 r [prop. XXVIII lemma I], et
f——

| BI':I'4 =ZH?: H®. jam quon-

16, prnee 3 4 Bb ; A piuer V. uqa] doo é’r]tj P.
éouiv PB. 17, dox 1) V. BTlg (de F non liquet).  omeo
£3sc Osifan] @ et comp. P, omq #0s1 evgeiv V, om. Bb, 19.
ns’ F (eman.). 21. érrm 7P, 22 I'a] corr.exam. 2F.
24, I'R] corr. ex Fd m. rec. b.
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QO TETPAYOVOY GLdUdY, xal memonjodw og utv 6 E
medg vov BT, otrwg ©0 axd vijs A tevodywvov meog
7d and vijg ZH terpayavov, og 08 6 BI' mpog tov
T4, otrag ©6 amd tig ZH terodywvoy mpog 0 axd
5 tijig H®. inel odv dotwv og 6 E mpdg tov BT, ovrwg
20 amé vig A terpdywvov medg vo awo tig ZH ze-
Todyavoy, ovuuergoy doa éotl Td amd tig A Terpd-
yovov t@ dné vig ZH vetpayave. ¢nrov 0% o amd
tijis A terpdyavov. nrdv Gpa xal T awd vijg ZH:
10 énry o éotlv ) ZH. xal énel 6 E mpds tov BI'
Adyov ovx Eyel, Ov TeTRdY@YVOG dELIUOG TEOS TETEEYDVOY
apududv, 008’ Fpa 10 amd tijg A veTodymvov mEdS TO
and tijs ZH [reTpdymvov] Adyov &yet, Ov rerpdymvog
agududs mpdg TeTodyevov aguBudy: acduustoos Foo
15 éotlv 3 A vff ZH wixer. mdhv, énel dovv og 6 BI'
moog vov I'd, otrwg 10 and tig Z H rerpdyovov medg
©0 dno vig HO, evuustgov dga éotl o axd viig ZH
tg and vijg HO. ¢nrov 0t vo amo vijg ZH' gnrov
dga xel ©O amd vijg HO" gy &ga éotiv n HO. xal
20 émwel 6 BI' mpog 1ov I'd Adyov odx Eye, Ov vevpd-
yovog goududs medg TeTpdywvov doududv, 'ovd’ dea
70 ano viig ZH medg ©0 awd vijg HO® Adyov &yer, ov
TETQEyVog doLduds mEos TETQdy@VOY dQLBUdY*® dovu-
pergog doa éotlv % ZH vff HO pixst. xel elow dyu-
25 qporepar fnrel’ of ZH, HO ke gnral elor dvvapst
povoy ovupstgoL’ amoroun doo éatly % ZO,
Aéyw 1), ote xal Tvoloy.
‘Enel pag éotiv wg pdv 6 E mpog vov BI, ovrag
10 and tijg A Tergdymvov meog 1o dxd T ZH, ag
1. menoelo®w F. 4. ZH] corr.ex AH F. 6. A terou-
yovor] 4 V. 7. 40tl] om. V.  reredywvov] om. V. 8. ze-
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iam est E:BI'= A*: ZH* A et ZH® commensura-
bilia sunt [prop. VI]. uerum A4? rationale est. itaque
etiam ZH?® rationale est. quare ZH rationalis est.
et quoniam E: BI rationem non habet, quam numerus
quadratus ad numerum quadratum, ne 4* quidem ad
ZH? rationem habet, quam numerus quadratus ad
numerum quadratum. itaque A4, ZH longitudine in-
commensurabiles sunt [prop. IX]. rursus quoniam est
BI:Td==ZH*: HE",

Z H® et H®® commensurabilia sunt [prop. VI]. uerum
ZH? rationale est; itaque etiam H@?® rationale est.
quare H@O rationalis est. et quoniam BI': I'A rationem
non habet, quam numerus quadratus ad numerum
quadratum, ne ZH?*® quidem ad H®* rationem habet,
quam numerus quadratus ad numerum quadratum.
quare ZH, HO® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z 6 apotome est [prop. LXXIII).

Iam dico, eandem tertiam esse,

nam quoniam est E:BIl= A2:ZH? BI':I'd =
ZH®:9H®, ex aequo [V, 22] E: I'd = A*: OH?,

Toayave] om. V. 4] dome, add. 8¢ m. 2, V. 9. reroa-
yovoy] om. V. 12, ovdé b.  13. rereaywvor] om. P.  15.
zfj] corr. ex zijj¢ B, z7ig F. 16. zév] om. B. 17. HO] e
corr. F. 18, ] meog ©d Fb. ¢ndy — ZH] mg. m. 1V,
19, fox xal] inras. V. §no} — HO]l mg. m. 1 F. louly
om. b. 21. o8dé b. 22 76] (alt.) supra ser. m. 1 F. HO
Heras. V. 24 ZH] HZF. 25 af — &lo.] mg. m. 2 B,
in textu of eloe. slow P. 27, zolty] corr. ex ¢nrsi m. 1 P.
28, ovza B
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0t 0 BI mpog tov I'd, otrwg td amd vijs ZH meog
70 awo vijg @ H, 0. loov dpa éetlv g 6 E meog tov
I'd, otrag 16 awo tig A meog ©d amo vijg OH. o
0t E moog tov I'd Adyov ovx &ye, Ov rerpaymvog
apududg meog TETPdywVOY deududy 000 dga TO amd
tijs A medg 16 4o tiig HO Adyov &yer, 0v teTpdpmvos
aeududs meog TETEEYMYOY doLdudY ACUuWETos Hoa
n A vij HO pijxe. ovderdpe &go vév ZH, HO ovu-
uergog d6Ti i dumspdvy ot v A pixe. @ ovw
ueitov dor vo amd vijs ZH rob and vig HO, Zorw
70 &wd vijg K. émel odv ot g 6 BI' mpog vov I'd,
otrwg 70 amd tijs ZH medg o dxo vijg HO, avaoroé-
Yavr, doa éotlv dg 6 BI' meds tov BA, ovtwg 7o
and vijg ZH zerodyavov meog td amo tijg K. 6 O
BT mpog tov BA Adyov &ye, Ov tetpdywvog dgududg
®QOg TeTeay@voy AUy xel o amd viig ZH doa
eog o and vijg K Adyov &ye, 0v tetodymvog aoidudsg
modg TeTEdyOVOY dpuUiudy. oVuucteds doe éotly ) ZH
v} K wixer, xel dvwerer § ZH vijigc HO peiforv vc
and ovpuéroov éevri. xal ovdstépe vav ZH, HO
ovpuergos €ore vy Exxeuévy Onel TR A pixe % 26O
doo amotoun fote Tolry.

Evonrar &pa 1 tolty amovoun 7 ZO° Omsp E0e
detar.

xy’.

Edoeiv iy terdorny dmoTopw.

ExxeloBo $nry 1 A xel v A mixs ovppsrgog
7 BH' ¢noy doe dotl nel 9y BH, xal éxncleSwoay

1. ©6»] om. P. o%rw B. 3. ®H] corr.ex HO V. 4.
zov 'd) corr. ex ’'m, 2 F. 9. domw V. 11, BI'] ras. 2
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uerum E: I'4 rationem non habet, quam numerus qua-
dratus ad numerum quadratum; itaque ne 4*® quidem
ad H@®* rationem habet, quam numerus quadratus ad
pumerum quadratum. quare 4, H® longitudine in-
commensurabiles sunt [prop. IX]. itaque neutra recta-
rum ZH, H® rationali propositae 4 commensurabilis
est longitudine. iam sit ZH?*® - H®* = K* [prop. XIII
lemma). quoniam igitur est BI':I'd = ZH?*: H®?, conuer-
tendo [V, 19 coroll.] est BI': B4=ZH?: K*® uerum
BI':B.A rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam ZH?®: K*® rationem
habet, quam numerus quadratus ad numerum quadratum.
quare Z H, K longitudine commensurabiles sunt [prop.
IX], et ZH quadrata excedit H® quadrato rectae sibi
commensurabilis. et neutra rectarum Z H, H® rationali
propositae 4 longitudine commensurabilis est. itaque
Z0O apotome est tertia [deff. tert. 3).

Ergo inuenta est apotome tertia Z@®; quod erat
demonstrandum.

LXXXVIIL

Inuenire apotomen quartam.
Ponatur rationalis 4 et rectae 4 longitudine com-
mensurabilis BH. itaque etiam BH rationalis est.

litt. V, corr. ex BE F.  z¢»] om. P. I'd] eras. V, corr.
ex ''m.1b., 12, to] (alt.) supra ser. m. 1 b. 13 BT
corr. ex I'B V. 15, meog] medy P.  16. &pe] supra scr. F.
19. o K — U] ZH] mg. m. 1 P. Post peifor add. Theon:
o amo g K. 9 aqa ZH vijg HO peitov ddvaton &BVb F
mg. m. 1). 28. ] om. FV, Tolty ) om. F. onsg fse
detou] comp. P, om. Bb.  24. deifau] sveeiv Vo. 25 14
F, et sic demceps 27. wp*& b, 28. do P, corr. m. 2.
éovty PBV.  xai] (prius) corr. ex xa P, om. 'FV.
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d0vo doidpol of 4Z, ZE, deve tov AE olov medg
éndregov vov AZ, EZ Adyov uy éygeww, ov teTpdynvog
aoLdulds meog TETQUYWVOY aQLdudy. xal Wemouj6fw
g 6 AE moog vov EZ, obrwg vo dmo tijg BH te-
Toayavoy meds T0 axo ths HI ovuuergov dpa éoti
©l dmé viig BH ©vd dnd vijg HI. ¢gnrov 0% ¥0 dmd
tijsc BH- ¢nrov dga xal ©0 amo vig HI™ ¢nry doa
éotlv § HI'. nol émel 6 AE mpog vov EZ Adyov ovx
&y&i, OV TETPAYOVOG 2QLBUOS P0G TETRAYOVOY GQLIUOY,
000’ dpa v0 axo tig BH medg 16 axo tijg HI Adyov
Fyer, OV TeT@dymvog deLdulg wPdg TETPAYOVOY agLiuiY”
aovppergog doa forlv 4 BH tfj HI' pijxe. xol slow
dugporegar ¢nrel of BH, HI" dpo §nral eloy dvvauct
uovov evpucrgor’ amoroun e fovlv 4 BI.

[4éye O1), Gvi xal Terdgry).

Qu ovw peitov dori 1o and tig BH tod dwd vig
HTI, #6to 10 dnd tijg ©. émel ovv dowv og 6 AE
wedg tov EZ, ofrwg 0 amnd viig BH mpog to amd
¢ HI, nol avaoteépovr dpa éotlv dg 6 Ed meog
ov 4Z, otreg ©6 amd vijg HB medg ©0 and vijs O.
6 0t E4 mgog tov AZ Adpov ovx &yel, Ov TETQAy@VOG
aguiudg meog rerpaymvov doidudy: 0vd’ dea TO amd
vijs HB mpdg 6 amd tijg @ Adyov &qat, Ov tergiyovog
aoLdudg mpdg TeTQdywvoy dEUIUdY davuusTeog oo
éotlv § BH vfj @ wixs. xai dvvarar vy BH vijg HI'
peitov Ted dmd tiig @ % &oe BH vijg HI petfov 69-
vetow T6 Admd covppireov sevrf. xel dovwv 8An y BH

2. EZ) eras. V. uij] om. o, 4 woy] mg. m. 1 P. 5.
meog] om. @. HTI'] BI supra scr. H b, dotly P, et V
del. ». 8. lotiv] éotl xa! FV. 9. mpos — 10, lr(;)g (p;léua)]

om. ¢ lacuna relicta. 9. agidpdr] om. V.
11. au@pds]l om. V.  deebudv] om, V. 12, éeziv] om. FV.
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At 1k 7 et ponantur duo numeri 4Z,
, ~ ZE, ita ut totus 4E ad
4 Z E utrumque 4Z, EZ rationem
non habeat, quam numerus quadratus ad numerum
quadratum. et fiat JE:EZ = BH?: HI™ [prop. VI
coroll.). itaque BH®, HI'® commensurabilia sunt
[prop. VI]. uerum BH?® rationale est. itaque etiam
HI™® rationale est. quare HI' rationalis est. et
quoniam A E:EZ rationem non habet, quam numerus
quadratus ad numerum quadratum, ne BH? quidem
ad HI'® rationem habet, quam numerus quadratus ad
numerum quadratum. quare BH, HI longitudine in-
commensurabiles sunt [prop. IX]. et utraque ratio-
nalis est. itaque BH, HI rationales sunt potentia
tantum commensurabiles. ergo BI" apotome est [prop.
LXXIII}). iam sit & = BH?+ HI® [prop. XIII lemmal].
quoniam igitur est #E: EZ=BH?*: HI'?, etiam conuer-
tendo [V, 19 coroll] est EA: 4Z = BH®:®®. uerum
EA4: 4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. itaque ne B H?® quidem ad @*
rationem habet, quam numerns quadratus ad numerum
quadratum. quare BH, @ longitudine incommensura-
biles sunt [prop. IX]. est autem BH?® +— HI™ = @°.
itaque BH quadrata excedit HI' quadrato rectae sibi

@,

BH] wn o wijnet] om. FV.  xal — 13. ¢nral] mg. m.
1V. "18. elaw P. 14 cvp.y,ngov ovx @, BI'] Be corr. g,
BH P, 1b. léyo — ‘tEﬂ!Qﬂ]J om. PB, xal @. 671] om. V,

17. dozv] om. V. 18, meog wow EZ] tod dno g EZ b,
corr. mg. m. 1. meog 6] tov b, 19. HI') H in ras. m.
1 B. amatesipm p. 20. tov] om. P,zé b. BH V. 21,
Ed] 4 in ras. m. 1 B.  22. 090é Vb, 24. doiudv] om. V,

doa] in ras. V. 256, BH) (a.lt) mat, 1n HB YV, HB BFb,

27. ovpuéreov b, corr. m. rec.  sovtjj pixes B. oy V.
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ovppergog t fuxapévy fnry pixes vy A. 7 dea BIT
amorous] 6T Tevdgrn.
Evonrar &pe 1) tevdgrny axovowr” omsg &0 deifar.

'

Edgeiv tyv méumtqv dmoroumv.

‘Exxeio®0 onry v A, nal vij A pyxe obpperoog
dotw y TH" ¢quy) Gpe [dotlv] § T'H. xal éuxelofwoav
0o agudpol of AZ, ZE, dere tov AE modg éxaregov
wév AZ, ZE Aoyov madw un Egsv, Ov TETQUYOVOS
apududg medg TeTgaywvov dgududy xel mewoujode
s 6 ZE mpdg rov EA, obrwg 0 and vijg I'H moog
©0 amd g HB.! ¢nyrov dea xal vd amd vijg HB:
¢ntn cpo éotl xal § BH. xal émel éotwv ag 6 AE
ngog tov EZ, ottwg 10 dnd tijg BH meds ©0 amo ©7g
HI, 0 0t JE mgog tov EZ idpov odx &ye, Ov ze-
Teeyovog GeLduds meog TETEAywYOY dguduov, ovd’
dge 10 and vijc BH medg ©0 dno g HI Adyov e,
0v teTQaymvog apuiuds medg TETQEY@VOV a@uiudy”
aevupetgog o oty 7 BH tf) HI' wijne. xal elery
auporegor ¢nral of BH, HI" aga dnral elov dvvause
uévor evupergor’ n BI &ga dmorout) éotiv.

Aéyo 04, Ove xal méumy.

Qu yoo peifov éov o amo tiis BH tod dmo tig
HT, éovo 10 and tijs @. éxel ovv dotv dg Td dmd
zijs BH mpds ©0 and tijg HI, ovrawg 6 AE mgog tov

1. BégaeB. 2 fotwP. 3. 7] necinF, 4B B. Gxep
#3¢t deiker] comp. P, om. BFVD, 7. fozfy) om. P. 8.
ZE) EZF. dE] AE in ras. V. 9. T6¥) tov 9.  madw)
om, Fb. 10. memoteiodo F. 11, 76v] om. P. 12. Post
HB add. ovpperooy &ow i 76 dnd tiis HI (THV) 76 dnd
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incommensurabilis. et tota BH rationali propositae
A commensurabilis est longitudine. itaque BI" apo-
tome est quarta [deff. tert. 4].

Ergo inuenta est quarta apotome; quod erat de-
monstrandum.

LXXXIX.

Inuenire apotomen quintam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit I'H. itaque I'H rationalis est. et
ponantur duo numeri 4Z, ZE, ita ut
AE rursus ad neutrum numerorum A4 Z,
ZE rationem habeat, quam numerus qua-
dratus ad numerum quadratum. et fiat
ZE:E4=TH?:HB* itaque etiam HB?
Z rationale est [prop. VI]. quare etiam
e BH rationalis est. et quoniam est
1 4E:EZ = BH®: HI'*, et 4E:EZ rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne B H? quidem ad HI™ rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
BH, HI' longitudine incommensurabiles sunt [prop.
IX]). et utraque rationalis est. quare BH, HI ra-
tionales sunt potentia tantum commensurabiles. ergo
BI" apotome est [prop. LXXIII].

Tam dico, eandem quintam esse.

sit enim @ = BH? +— HI? [prop. XIII lemmal].
quoniam igitur est

BH:®:HI*= 4E:EZ,
wis BH. é’qrov 0% =6 dwo viig 'H b, mg. FV. ¢nrév — HB]
mg. V. aea — 13, énrij] om. P. 16. HI'} I in ras. V.

18. 099° dpa] 098¢ P. 18, reroaywvov] terpaymvogb sed corr.
21. &ott BV, comp. Fb. 26. HI'— p. 270, 1. EZ] in ras. F.

T TB 14
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EZ, avaorpépavry dgeo éotlv &g 0 EA meog tov AZ,
ovtwg ©0 axd tijc BH meds ©0 and vig ®. 6 0t E4
nQog tov AZ Adyov odx e, OV TETEAY@VOG AELdWdS
7Qog TeTgdywvov agududv: ovd’ dea o daxo tijs BH
mp0g 70 dmd Tijg @ Adyov Eyei, Ov vevgdywvog deiduog
weOg TeTeAywvov agududy’ aevpusrgog dea Zotiv 1)
BH ©f} © pnixer. nal 0vverar v BH vijg HI' psifov
1§ and vijg @ § HB oo tijg HI' psifov dvvare
1@ amd aovppdrgov fovry; wijxsl. xal 6Ty 1) mQo6-
agudtovea 7 I'H ovpucrgog tf) Cxxcipévy éneqy vif A
uixse 3 doa BIT amovous) éavy méumry.

Edonraw doa 7 méumry dmorousy 7 BI" Gmep &s
deitou.

’

G.

Eveeiv tyv Exenv dmoroprw.

"Exxelo®o ¢nry % A xol voeis doiBuol of E, BT,
I'd i6pov pny Egovreg mpdg dAdfjiovs, Ov TeTedy@vog
dguduog mpds Tevedywvov doududv: &ry 6t xal 6 I'B
mpog Tov B4 Aoyov u1) éyéra, Ov teTpdyavog aoidudg
7QOg TETQAy@VOY deLdudy” xel memoujobw wg piv 6
E moég tov BI', otrwg 10 amo tijg A medg o and
tij¢ ZH, ag 0 6 BI" mgég 1ov I'd, o¥rwg 76 and
tiic ZH mpog 16 and vijg HO.

‘Enel ovv donwv oog 6 E mgog tov BI', otrwg 7o
ano tijic A medg 6 amd tig ZH, ovuusrgov dga 70
ano vijg A v amd tijg ZH. ¢nrov 0% 16 dnl vig
A ¢yrov dga xal vo ano g ZH* dquvr doo ovl xal

1. dvacroépavnt — 2. EdJ] e corr. F. 1. dotiv] om.
BFb. E4] AEP. 4 HBF. 1.6] HOF. BH]
HB BFV. ueifov] om. P. 8. doe HBV. BHP. dv-

vatar] om. V. 9. dovppérgov] a- inras. V, m. 2 B.  éavry
dvvazar V. 10. Post I'H eras. #al ¢- V. 11. BI" &pa b.
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conuertendo [V, 19 coroll] est EAS:4Z = BH?: @,
ueram E4: 4Z rationem non habet, quamn numerus
quadratus ad numerum quadratum. itaque ne BH?
quidem ad @ rationem habet, quam numerus quadratus
ad numerum quadratum. quare BH, @ longitudine
incommensurabiles sunt [prop. IX]. est antem
BH? - HI? = @3,

itaque HB quadrata excedit HI' quadrato rectae sibi
incommensurabilis. et congruems I'H rationali pro-
positae 4 longitudine commensurabilis est. itaque
BI'" apotome est quinta [deff. tert. 5].

Ergo inuenta est upotome quinta BI'; quod erat

demonstrandum.
XC.

Inuvenire apotomen sextam.

Ponatur rationalis 4 et tres numeri E, BI', I'd
inter se rationem non habentes, quam numerus qua-
A | dratus ad numerum quadratum; et

—+———— praeterea ne I'B quidem ad BA

z @ H  rationem habeat, quam numerus
K quadratus ad numerum quadra-
Er—_' _ tum. et fiat E: BI'= £ : ZH?
B 4 T Br':I'd = 72H?: H®?,

iam quoniam est E: BI'= 4%: ZH?, erunt 4%
Z H? commensurabilia [prop. VI]. uerum 42 rationale
est. itaque etiam ZH? rationale est. quare etiam

12. omeg #0se dsikou] comp. P, om. BFVb.  16. ovyselofw
B, corr. m. 2. Post E eras. B F. 18, I'B] supra add.
I'a B; BI' V. 19. Bd] corr. ex BI"' m. rec. P. 20. me-
nofj6da P, sed corr.; memorelodo F.  pdv 6] 6 uév V. 22,
tovy] om. B. 28. HO] ©H b, 26. ¢nrov — 27, ZH]
wg. V.  27. ual] éotl el BFb.  Zouly PB.
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7 ZH. xol énsl 0 E mdg tov BI' Adyov ovdx &y,
Ov vevpdyovog agududs mEdg TeTEAywvov doududy,
ovd’ dga TO amd tiig A medg v0 dmd vig ZH Adyov
&yet, Ov TeTgdywvog deuduog meds TeTgdymvoy doidudy-
aevupergog doo oviv 1 A vij ZH pquer. matw, émel
éoty &g 60 BI' medg vov I'd, ovrms 16 and g ZH
7og 10 amd tijg HO, evpusroov &po vo dno viig ZH
16 and vijs HO. ¢nrov 0 vo amd vijg ZH' ¢gnrdv
doa nal ©o amd tiig HO®' Jqvy doo xel 5 HO. xal
éngl & BI moog tov I'd Adpov ovx Eyper, Ov TeToaymvog
deuiuds modg Terpdymvoy douducv, ovd’ dea To amd
tijs ZH mgog ©6 awd vig HO Adyov &yer, Ov terpd-
yovog deuiuds medg TeTedyYOY 4oLy deVuEETPOS
dpa dotlv § ZH tjj HO wixs. xal sioww eupiregar
onrair of ZH, HO &go gnral elor dvvaps uovov evyu-
ueToor’ % &geZO amorour] éomuv.

Aéyo 31, dvv xal Exty.

’Emsl yap dovv og udv 6 E medg tov BI, ovrag

70 and tijs A medg TO amo riig ZH, dg 0 6 BI

20

25

neog tov I'd, otrwg 16 amod vijg ZH medg 1o amd tijg
H®6, d¢’ loov dou éotlv ag 6 E meds vov I'd, otrewg
70 amd tijg A meds 16 dmd vijg HO. 6 6% E medg
tov I'd Adpov ovx &ye, Ov tergaymvog agududs medg
tergdyavoy agududv: 008" doa ©o awd tijs A mEOg
70 and viig HO® Adpov &5, Ov verpdymvos agududg
mplg teTpdywvov eududy’ doduperpog doo otlv 1)
4 ©f] HO® wixe® ovderépa doe tdv ZH, HO odu-
pereds dave v A nrii pixe.. ¢ ovv ueifdv éove

4

1. HZP. 8.008f Vb. 5. 46t V. Al Kg. r@
tigs F. 6.4 BI' moog wijv B. 7. doo dovi V. ~ 11. 098¢ V.,
18. avppergor uovoy V. 16, dore BV, comp. Fb.  17. 8%]
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Z H rationalis est. et quoniam E : BI rationem non
habet, quam numerus quadratus ad numerum gqua-
dratum, ne 4 quidem ad ZH?® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
A, Z H longitudine incommensurabiles sunt [prop. IX].
rursus quoniam est
BI':I'd = ZH®: H®?,

ZH? et H®® commensurabilia sunt [prop. VI]. uerum
ZH? rationale est; quare etiam H®® rationale est.
itaque H@ rationalis est. et quoniam BI':I'd ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum, ne ZH? quidem ad H®*® rationem
habet, quam numerus quadratus ad numerum quadratum.
itaque ZH, H® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z® apotome est [prop. LXXIII].

Tam dico, eandem sextam esse. nam quoniam est
E:BI'= A®*:ZH?, BI':I'4 = ZH?*: H®?, ex aequo
[V,22] est E: I'4 = A4?: H®®. uerum E:I 4 rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne 4*® quidem ad H®® rationem habet,
quam numerus quadratus ad numerum quadratum. quare
A, H® longitudine incommensurabiles sunt [prop. IX].
ergo neutra rectarum Z H, H® rationali 4 commensu-
rabilis est longitudine. iam sit K? == ZH?*-- H®® [prop.

supra ser. m. 1 P. 21. dotiv doa F. 24. 098" — 26.
doufpdv] mg. m. 2 B. 24 090° &oa] 0vdé b. A] 4 aoa b.

26. {‘i@] mlg;vllr)l OHm 2V, @H b ; 217. ové‘stagu uga]
%l ovdeTéQn 28, 7jj 4 gmy] unuyevn nTH -m A
b et e corr. F (post 4 del. énzp). m? b. os;’v ov P,
corr. m. 2.

Euclides, edd. Heiberg et Menge. IIL. 18
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70 and g ZH tov and tijg HO, éore ©o dnod tis K.
énel ovv doty dg 6 BI' meog tov I'd, otrwg to dmod
vijs ZH mpog 6 and rijg HO, dvacroépavr doa oty
wg 6 I'B modg 1ov Bd, otvwg ©o awd tijg ZH mpog
70 amd tijg K. 6 0% I'B meds vov BA Adyov ovx
e, Ov TETAY@VOG dQLBUOG MEOG TETQAYOVOY dQLIUSY”
ovd’ dga to amd viig ZH meodg ©o dmwd tijg K Adyov
&y, Ov Tevpdywvog deiduds oo TETEEYOYOY AQUBUOY*
dovpuctoog doo éotlv § ZH vfj K wijxer. xol Svvero
7 ZH viig HO peitov v¢ dnd vig K 7 ZH &g tijs
HO gsitov Svvarar 16 amd dovupérgov fevef) wijxe.
xel ovdetépe tv ZH, HO ovppcrods éore vf) éxxer-
uévy $nrs) wixer v} A. 7 dpa ZO amovops] oty Exey.
Evonrar doe 1 Exvy dmorouy % ZO- Odmep e
dettoc.

’

Go .

‘Eav yoolov megiéynras vx0 dnrijg xal dmwo-
Toudjs mewTNg, N T0 ywolov Svvauévy arovour]
daziw.

Iegueyéadm pog ywelov ©0 AB vmo énrijs tijs AT
xal dmoroudls modrng thg AA' Aédyw, Om B 10 AB
qoelov Svvauévy amorour] éoTiv.

‘Emel yag amotour) éovi mpwry  AA, é6re aiti
ngooaguofovea § AH' of AH, HA &ga ¢nrel &loe
dvvapee udvov ovumergor. xal 6in 7 AH oduusrodg
éove v bxmepévy Sy v AL, xel v AH viig HA
uelfov dvwarer v amd ovpuiroov favty mixer fov

3. dga] om. F. 4, I'B] BI' FB.  BA] supra add. I"
m. 1 b, 4B corr. ex B4 uel BI' V. 5. tij¢] ot @. 8.
&ye1) ovx &yee P 10. i) corr. ex té6 m. 1 F. 7] in ras.

m 1P 11. ovguéreov B, corr. m. 2. 13, 75 4 pima V,
14. 8meg #0824 deike] comp. P, om. BFVb. Seq. demonstr.
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XIII lemma). quoniam igitur est BI':I'd = ZH*: H®?,
conuertendo [V, 19 coroll.] est
I'B: B4 = ZH*: K2

uerum I'B: B4 rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne ZH?®
quidem ad K? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare ZH, K longi-
tudine incommensurabiles sunt [prop. IX]. est autem
ZH? -+ H® = K* itaque ZH quadrata excedit H®
quadrato rectae sibi incommensurabilis. et neutra
rectarum ZH, H® rationali propositae 4 commensu-
rabilis est longitudine. itaque Z® apotome est sexta
[deff. tert. 6].

Ergo inuenta est apotome sexta Z®; quod erat

demonstrandum.
XCl.

Si spatium comprehenditur recta rationali et apo-
tome prima, recta spatio aequalis quadrata apotome est.
Spatium enim 4B ratio-

4 4 E _Z g | 3

nali 4I" et apotome prima

Ad comprehendatur. dico,

r J: X rectam spatio 4B aequalem
N quadratam apotomen esse.

2 nam quoniam A4 apo-

B & tome est prima, ei congruens

X\ sit 4H. itaque 4H, H4

P L ar rationales sunt potentia tan-

tum commensurabiles [prop.

alt., u. app. 16. ¢’ F, gf° BVD, et sic deinceps. 19. Zozc
BV, comp. Fb. 20. 6] 76 V. 21, %] m. 2 F.  28. ydg]
om. b, m. 2 B. medzy oviv BFV. 24 AH, HA)] in ras,
m. 2 V. 27. aovppérgov F, et V, sed corr.

18%*
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dox TG TETAQTO pEPEL voU amd tig AH Idov magx
tiv AH magafindy éAAcimov &lder vergayove, &lg
ovpperoe avryy duegel. tetunodw y AH dlye xeta
©0 E, xol ¢ and tiig EH loov mapa iy AH mega-
Bepirnodo EAdetmov elde Terpaywve, xal f6Te TO VWO
tév AZ, ZH" ovppergog dga éovlv v AZ v5; ZH.
%ol Owe tdv E, Z, H onueiov ] A mapdiinio
fiyPwoay of EO, ZI, HK.

Kol #mel ovpuereds doviv 1) AZ i ZH wins,
wel 71 AH doa éxavépe tov AZ, ZH odpperoos 0.
urixer. alia v AH ovppstedg éov vij A" xal éne-
téoe doo tdv AZ, ZH evpperpdg éove v A" piner.
xal éorv gyrn N A fnqvy doa xol éxavépe vdv AZ,
ZH dore xal éxdvegov vdv AI, ZK $nrov demuv.
xol émel ovpuerpds dovwv n AE vyp EH pijxse, xel %
AH &ge éxavépa tv AE, EH 6vupereds dort pijxse.
onty 0% vy AH xol cdovpuevgog tij A pijxe gy
doo nal éxarépe vdv A E, EH xal aovupuergog v5; AT
uijxer: éxdregov dow v A0, EK uéoov detiv.

Kelodw 0n 16 udv AI loov tevpdywmvov v AM,
1 02 ZK loov terpdymvov dppeiodw xowny yoviey
Eov avrg Ty vme AOM o NE' mepl iy avmjv
dga Oducrooy éote e AM, NJE rerpayove. Eotm
avrov dudpstgog 1 OP, xal narayeyodpde 1o ogjue.
énel otw leov d6tl to Vmd tdv AZ, ZH megieydpevoy

1. plosr] -eg- inras. B.  tod améd] m. 2 F. 2. wjv]
corr. ex zijgm. 2 F.  AH)] 4 in ras. F. 3. duxeei] supra
add. wijxec m, 2 V, dwedei BF, Stéln b. 4. 16] 6 F. 6.
ZH) (alt) HZF. 8. fjzdwcer] fyde- inras, m. 1 P. ZI]
mut.in ZHm. 2 F. 9. z3] zic F. 11, al’F. AT'] T e
corr. m. 1 F. 13. éorv P. 14, AI] AT P, I'in ras. V.

éotv] dove BV, comp. Fb. 15. xef] (alt) om. V. 19,
{ot PBV, comp. Fb,  20. xal xelodo V.  22. 40, OM
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LXXIII]. et tota 4H rationali propositae 4I" com-
mensurabilis est, et 4 H quadrata excedit H4 quadrato
rectae sibi longitudine commensurabilis [deff. tert. 1].
itaque si quartae parti quadrati 4H? aequale rectae
AH adplicatur spatium figura quadrata deficiens, in
partes commensurabiles eam diuidit [prop. XVII].
secetur 4 H in duas partes aequales in E, et quadrato
EH? aequale rectae 4H adplicetur spatium figura
quadrata deficiens, et sit 4Z><ZH. itaque 4Z, ZH
commensurabiles sunt. et per puncta E, Z, H rectae
AT parallelae ducantur E®, ZI, HK.

et quoniam A4Z, ZH longitudine commensurabiles
sunt, etiam 4 H utrique 4Z, ZH commensurabilis est
[prop. XV]. uerum 4H, A"’ commensurabiles sunt.
quare etiam utraque A4Z, ZH rectae AT longitudine
commensurabilis est [prop. XII]. et 4TI rationalis
est. quare etiam utraque A4Z, ZH rationalis est.
itaque etiam utrumque 4I, ZK rationale est [VI, 1;
prop. XI1. et quoniam A4 E, EH longitudine commen-
surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV]. uerum 4 H rationalis
est et rectae AI" longitudine incommensurabilis. quare
etiam utraque 4 E, EH rationalis est et rectae AI'
longitudine incommensurabilis [prop. XIII]. ergo
utrumque 46, EX medium est [prop. XX].

ponatur igitur quadratum AM = AI, et spatio
Z K aequale auferatur quadratum N5 communem an-
gulum habens 4OM. itaque quadrata 4M, NJF

PF, zév 40,0M Bb. 23. doti] elau V. tuoéywva]] om. V.
25.vﬂ$] inras. V. tév]m. 2F.  meeeydpevorv] -ov in
ras. v,
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dodoydviov ¢ amd vig EH revpayove, fotw doa
og 4 AZ mgog vy EH, otvwg 7 EH moog v ZH.
Al og ptv 1| AZ meog v EH, otrwg 10 AT mgog
70 EK, &g 0t 77 EH medg tyw ZH, otnwg éoti 70
5 EK mgds 70 KZ* viv doa AI, KZ uéoov avaloydv
dors vo EK. &ot O} nal tov AM, NE uégov ava-
loyov &6 MN, g év vols Sumpoodev &0elydn, xai
dove ©o [pdv] AI g AM zergaydve iGov, o 0t KZ
6 N5 xal v6 MN &ox te EK loov éotlv. clha
10 76 udv EK vp 4@ fovwv lgov, t6 0t MN 5 AF
ro doa AK loov dorl vep TDPX pvapove xel 15 NJ.
&oti 0} xal 10 AK loov vois AM, NE tevpaywvoig
Aoumov dga ©d AB loov doil v ZT. 16 08 ET w6
and tiig AN dovt revpdyovov' td doa amd tijg AN
15 terodywvoy loov forl v AB' 9 AN doa Ovvatar
10 AB.
Aéyw 89, 8ve § AN amovour] deTiv.
‘Ensl yag dnrdv donwv éxdvegov vov AI, ZK, nel
éoriv loov volg AM, N5, nal éxdregov doa tov AM,
20 N5 ¢nrov éorwv, rovréer: to amd éxarépas tav AO,
ON' xal éxavége dge v A0, ON ¢yrip dotiv.
nedw, énel pigoy éotl 106 4O xal doniv loov v A,
uéoov dpa dotl xol vd AE. imel odv o ulv AF
uéoov éativ, ©o 0t N ¢nrov, dovuuetoov &po éorl
25 t0 A5 ¢ NE' dg 0t ©0 AF meds 6 N5, otrwg
éotlv 9§ A0 modg v ON* devuucrgos doa fotiv 1)

2. 7ijv] (prius) om. P. 6. Post avaloyov rag. 8 litt. V. 7.
B. 8. pév] om. BFVD. 9. 7]t b, MN] EKX
inras. V. EX]MN inras. V. {orw l’cov V. 10. #d]
(prius) =6 V.  v6] ooy dorl 6 V. 16 4O] in ras, m,
1P &otw loov] om. V, ooy dotiv P. 6 0¢ MN ooy
dotl 706 A5 loov &go 76 4K ¢ V.  12. lsov] om. V (supra
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circum eandem diametrum posita sunt [VI, 26]. sit
OP diametrus eorum, et describatur figura [cfr. uol. I
p. 137 not.]. iam quoniam est 4Z >< ZH = EH?,
erit (VI, 17] AZ:EH=EH:ZH. uerum AZ:EH
=AI:EK et EH:ZH= EK:KZ [VI, 1]. itaque
EK medium proportionale est inter A4I, KZ. est
autem etiam MN medium proportionale inter 4 M, N5,
sicuti supra [prop. LIII lemma] demonstratum est,
et AI=AM, KZ=NJ5. itaque etiam MN = EK.
est autem EK = 460, MN = 45 (I, 43]. itaque
AK=T®X-+| N5 uerum etiam A K= AM-| NE,
itaque reliquim 4B = XT. est autem ZT= AN,
quare AN®= A4B. ergo AN quadrata spatio 4B
aequalis est.

Iam dico, 4N apotomen esse.

nam quoniam utrumque A4JI, ZK rationale est, et

Al = AM, ZK = Ng&,

etiam utrumque 4M, N5, hoc est 40% ON?Z, ra-
tionale est. quare etiam utraque 40, ON rationalis
est, rursus quoniam 4@ medium est, et 40 = 4.5,
etiam 45 medium est. iam quoniam A% medium est,
N autem rationale, 45 et N5 incommensurabilia
sunt. uerum 45:N& = A40:NO [VI, 1]. itaque
A0, ON longitudine incommensurabiles sunt [prop.
XI]. et utraque rationalis est; itaque 40, ON ra-

est ras.). 18. ZT] corr. ex BI' V. 5 3¢ T T] supra scr.
m. 1 P. 6] corr. ex. z¢ FV.  15. dov/] postea ins. F.

t%] 76 F. 17. xal 5 P. 19. dort V. = loov] ioa Bb,
om. V. N toa V.  20. é6ze BV, comp. Fb. 21, done
PBYV, comp. Fb.  23. éov/] éovtv P,om. V. 24, dottv] donl
PBVb, comp. F.  26. N5] (prius) corrrex NKm.1b. 16]
(tert.) in ras. m. 1 P.
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A0 15} ON wijxer. xal elow aupotepar §qral’ af
A0, ON &pa fnral &lor dvvaus pdvov 6vupergor
amoroun deu foriv i AN. xel Ovverar to AB yoelov:
7 dpa 1o AB ywgiov dvvaudvy dmorour éotiv.

’Eav &ga yooiov mwegtéynrar vmod fnrijs xel ve SEig.

Gp’.

Eav ywelov mepiégnrar Omd ¢nrijs xal dxo-
Tous 0evrégag, n 1o ywelov Svvauivy péong
amorour] €6TL mewry).

Xwglov yag t0 AB megiexéodm vmd ¢$yrig tig
AT xal dmoroudjs devrégag tijg AA" Aéyw, dm ) 0
AB ywelov dvvapdvy uéeng dmovour éor. mewr.

"Eotew yap tjj A4 mgosaguofovon 7 AH' of &ga
AH, HA {(yral elow dvvdust uovov evuustoor, xol 3
mooouguofovee 1) AH evuusteos fote i fuxsipivy
énryj t AL, % 6t 0An % AH tijg mgoceguotoveng
vijg HA peifov dvvarar ©6 and evppéroov éavry wixes.
énel ovw ) AH vijg HA psifov dvveras v dwd ovu-
uérgov fovri, éav doa TP TETAQTE MEQEL TOD ATO TG
H4 ioov moge tyy AH magafindij éAdsimov &lder
rergaydve, &g ovupstoe avriy diagsl. TeTuijedw@
ovv ) AH Olye xave vo E* xal 1é dwd vijg EH loov
noge vy A H negafefinedo éhisinov elde tevgaydve,

2, ON] NO ecorr. V. eloww V, sed v del. 4. 70 4B
doa V. 5. xal ta £Efic] wal dmoroudjc wedrng, N 10 ywelov
dvvauévn dwotour; fomiv Theon (BF Vb). 8. wéon BFVb
et P, sed corr. m. 1. 11, 44] 4B b; 8% Ad P, corr. m. 1.

12. AB] corr. ex 44V, péon BFb, et V, corr. m. 2. 14.
H4)] 4HF. dvvapévn V, corr. m. 2. 16. tﬁg& om. F,
17. H4] eras. V. Ante ovppéroov ras. 1 litt. V. 18,
AH] H in ras. V. tig] corr. ex zj m. 2 V. 19. zov]
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tionales sunt potentia tantum commensurabiles. quare
AN apotome est [prop. LXXIII]. et quadrata spatio
AB est aequalis. itaque recta spatio 4B aequalis
quadrata apotome est.

Ergo si spatium comprehenditur recta rationali,
et quae sequuntur. '

XCIL

Si spatium recta rationali et apotome secunda com-
prehenditur, recta spatio aequalis quadrata mediae
apotome est prima.

Spatium enim 4B recta rationali 4I" et apotome
gecunda A4 4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen primam esse.

nam AH rectae 44 congruens sit. itaque A4H,
H 4 rationales sunt potentia tantum commensurabiles

4 4 _E 2, [prop. LXXIII], et congruens
4 H rationali propositae 4I"
commensurabilis est, tota au-

r B o1 & :
tem AH quadrata excedit

4 ‘:p 4 congruentem H.A quadrato

5 28 rectae sibi commensurabilis
longitudine [deff. tert. 2]. iam

i quoniam AH? excedit HA?

r . quadrato rectae sibi commen-

surabilis, si  H4® aequale rectae 4H adplicatur spatium
figura quadrata deficiens, in partes commensurabiles
eam diuidit [prop. XVII]. iam A4H in puncto E in
duas partes aequales secetur. et quadrato EH? aequale

6 b. 20. 4H] H e corr. V.  21. dizlei Theon (BF Vh).
Dein add. pfuee V. 22, JH] ecorr.m.2 V. EH] @HP.
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xol Eotw 10 Omd vov AZ, ZH' ovuusreog oo fotiv
3 AZ <) ZH pijxet. xol ) AH dga éxarépn tov AZ,
ZH ovpuetpds éove uijxse. $nryy 0% 9 AH xal dodu-
pevgog tff A wijxer xol énavépe apa tvédv AZ, ZH
5 énri} d6te xal dovpusrgog vff AL wijxer éndvegov dpa
tov AI, ZK péoov édoviv. malw, émel ovpperodg
dorwv ) AE vf} EH, xal 7 4H &po éxuvépe vév AE,
EH ovpusredg dorww. ald’ 4 AH edpuergds éove tfj
AT pijxee [$nry dga xal éxavége 1oy AE, EH xal

10 ovupsetgog ti] A pijxe]. Exdregov dga tdv 46, EK

gnroy éotuwv.

Zvveordrm ovv e udv AI loov rergdymvov 1O
AM, g 0t ZK loov eppenode 0 N5 mepl tnv
avriy yoviey &v v AM iy Omd tov AOM: megl

15 TV evTyy dpa éetl duduergov v AM, N5 revodyova.
4 Eéﬂrm avtdy Ouiuctgog 3 OP, xel xataysypdpdeo 10

oyiue. éngl ovv ta AI, ZK péoa dorl xal éotw i
roig amo tov A0, ON, xel te and vdv A0, ON
[doa] péoa Zoviv: xal of 4O, ON &ga péoar elol
0 Ovvduss pdvov ovupergor. xal éwel ©o Vmo tov AZ,
ZH loov éotl ©¢ and vijg EH, fovww dga og y AZ
o3 v EH, otrwg % EH medg tjv ZH' ¢dl’ ag
ptv 1§ AZ meds v EH, otrwg ©0 AI meds 0 EK-
ag 02 ) EH mods tiv ZH, ovrmg [éotl] ©o EK modg

26 70 ZK* vdv dga AI, ZK uéoov avdloydv dome 10

1. dovppergog b, sed corr. 2. Post pijxer add, xel Sux
tev E, Z, H onuelov tjj AT neeaidnios fjgPweey of EO, 21,
HK (corr. ex ZK V). nol émel odppsreds domv ) AZ v ZH
piixee b, Vmg. m. 1, F mg., sed euan. 4. &go] om. FVH 6.
AI) mut. in AZF, AZb. ZHb,etecorr. F. éau/ BV,
comp. Fb, 7. 5y 4H] H4 F. 8, éom] m. 2 B. 9. §ney
— 10. prxe] om. P. 9. 4E, EH] E bis in ras. V. 10.
nai énaregov b, 11. dou PBV, comp. Fb.  12. z¢] corr.
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rectae 4 H spatinm adplicetur figura quadrata deficiens,
et sit 4Z >< ZH. itaque 4Z, ZH longitudine com-
mensurabiles sunt. itaque etiam 4 H utrique 4Z, ZH
longitudine commensurabilis est [prop. XV]. uerum
AH rationalis est et rectae A4I" longitudine incom-
mensurabilis. itaque etiam utraque A4 Z, Z H rationalis
est et rectae 4TI longitudine incommensurabilis [prop.
XIII]. quare utrumque AI, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH commensurabiles sunt,
etiam A4H utrique 4E, EH commensurabilis est
[prop. XV1.Y) - uerum AH, AT longitudine commen-
surabiles sunt. ergo utrumque 4@, EK rationale est.

iam construatur quadratum AM == AI, et spatio
ZK aequale auferatur N5 in eodem angulo 4OM
positum, quo 4 M. itaque quadrata 4M, NE circum
eandem diametrum posita sunt [VI, 26). sit OP
eorum diametrus, et describatur figura [cfr. wol. I
p. 137 not.]. iam quoniam A4I, ZK media sunt et
Al = A0® ZK = ON&, etiam 40% ON? media sunt,
quare etiam 40, ON mediae sunt potentia tantum
commensurabiles. et quoniam AZ><ZH = EH?, erit
(VL1TJAZ:EH=EH:ZH, verum AZ:EH=AI:EK

1) Hoc promptius ex prop. VI concludi poterat; nam
AdH=24E=2EH.

ex0V,wF. 14, 8v 1 AM] e corr. F.  wijy] v P. 1&’1
om. V. 15, dotv doo V. 17. Post #¢r¢ add. Theon: xa
ovupetee diiflos (BFVb; in V post naf ras. 1 litt). feov F.

19. &oo] om. P.  péoar elol V, sed corr. ozl PB, coms.
Fb. xal] corr. ex dv- V. of — 20. 8v-] mg. m. 2 V.

19. elol) sloly 1éyw Sri el P.  20. udvov] eras. V.  ovppetoo
V, corr. m. 2. ol émsl] émel yoo P.  21. dor{] supra scr.
m. 1 F. fouv] corr.ex lgov m. 1 F. 28. AI] AHP. 24

dot/] om. P. " 25. ZK] (alt.) Z corr. ex K m. 1 V.
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EK. éore 0t xal wov AM, NE rerpayoveov uéoov
avdioyov 16 MN* xal éotwv loov to utv AI 1 AM,
70 02 ZK v NE- xal & MN &ga ioov éorl v EK.
aiie v pdv EK leov [éorl] 10 40, 6 0t MN isov
©o A5 Glov &ga v AK loov éorl vd TP X pvapove
xel ©8 NJE. émel odv Siov 0 AK loov Zotl voig
AM, N5, ov 10 4K ldov éotl 19 T®X pvauove
xel T N, loumov dpa ©0 AB loov dotl t$ TZX.
70 0 TX é6tu ©0 dmd vijg AN 76 dmd ijg AN doe
loov dotl t6 AB ywoim® 9 AN &ga dvvarar v0 AB
10olov.

Aéyaw [0%], Ove 7 AN uéons amorous] éore moary.

‘Emel yag ¢nrov éove 10 EK xal omv iov 6>
A5, énrov dpo éotl ©d AFE, vovréere 10 Umd THv
A0, ON. uéoov 0% 80sly®n 16 N5 dovpucroov doa
dorl 10 AE 1 NE' g 0t ©0 AF meds ©o N5,
otrwg éotlv 1 A0 meog ON' af 40, ON édga dovu-
uergol elov pyxer. of dpe A0, ON uéoor &lol dvvauee
uovov ovuucrgor dnrdv megiéyovoar: 5§ AN dpa uéong
amorour é6te mewry: xel Ovvarar 6 AB ywelov.

‘H wga 10 AB ywelov dvvapdvy uéens amovour
éoty moadty” Omep #0e deltou.

Gy’
Eav yoolov wepiéynrar vwd $yrijs xal dmwo-

1. ERK}EIF. NE] MN F, sed corr. 3. ZK] corr. ex
KZm.1V. 4.19]726 V. dozi]om.P.  zd] V. 76]76 V.
foov éovd Bb. 5. 6] (priue) vé Ve. 1. mv] v 9. dorl]
m 2 F. 8 TZXZ]in ras. V. 9 w0 8 TZ éoni] rovréon B.
10. éoriv P. zo}! 6 dné vijs P; ©0 dwo tiig AN mg. m.
1b 12. &%) om, péarl PBFb, péong @, © corr. m. 2 V,
oy P. 18, 76 EK — ¢ A=) in ras. F. 13, écrv]
douc b.  Post foov add. ©é (zo ‘F) NM rovtéons Fb, m. 2
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[VI,1] et [id] EH:ZH=EK:ZK. quare EK me-
dium est proportionale inter 4I, ZK. uerum etiam
MN medium est proportionale inter 4 M, N [prop.
LI lemma]., et AI=AM, ZK=NJ5. quare etiam
MN=EK. uerum 40=EK, A5=MN (I, 43].
quare 4K=T®X-}- Ni. iam quoniam AK=uIM-}Ng,
quorum JK = TP®X -} N, erit reliquum 4B=TZ.
sed TX = AN? itaque AN*=4B. ergo AN qua-
drata spatio 4B aequalis est.

Tam dico, 4N mediae esse apotomen primam.
nam quoniam EK rationale est, et EX = 4,5 etiam
A5 rationale est, hoc est £0>< ON. demonstranimus
autem, N5 medium esse [u. p. 282, 18]. quare A5,
NE incommensurabilia sunt. est autem

A5 :NE= 40:0N
[VL, 1}. quare 40, ON longitudine incommensura-
biles sunt [prop. XI]. itaque 40, ON mediae sunt
potentia tantum commensurabiles spatium rationale
comprehendentes. itaque 4N mediae apotome est prima
[prop. LXXIV]. et est AN*=

Ergo recta spatio 4B aequalis quadrata mediae
apotome est prima; quod erat demonstrandum.

XCor. .
Si spatium recta rationali et apotome tertia com-

16. dotiv P. t® N5] m. 2 B. aﬁg 8¢] nal dg oo B.

11, daviv] om. V mgog iy FV.  doo — 18. pijnec) dv-
vauu slol p,«wow ovmzstqo; in ras. V, mg. add. m. rec.: dou
pnuu sloly aovppeteor” ta O an’ adtiy Tergdyove coupsTon”
ai A0, ON dga. 17. Gvy(tﬁtpm F. 19. AN] ON b,
AHF.  péon BFVbL. 21 9 — ymelov] om. ¢. vaa]
in spatio 9 litt. F. péen BFb.  22. Bxso £8er deifor] comp.
P, om. BFVb.
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touds tolrng, N t©0 ywelov dvvaudvy péeng
anorour éotL devripa.

Xwglov yag ©6 AB megiegéoda vmd ¢nrijg i AT
xal amoroufis teltng tiig AA* Aéyw, Or. 1 0 AB
ywolov Suvapdvy péons amovour) fov. devrége.

"Eote ‘pap tfj A4 meosapuofovea n 4H of AH,
HA é&ga ¢yral slor dvvapse udvov ovuueroor, xal
ovdsrépa védv AH, HA oduucveds éove pijns vy éx-
xeuévy ¢nrf vif AL, 4 0% 6An 77 AH ©7jg mpocaguo-
fovons tiig AH psifov Ovverar T amd evpuirov
éavrf. émel ovv § AH vijg HA psitov dbvavo 6
and ovpuérgov favryl, kv &ga TG TETEQTM WiQeL TOV
and tijg AH idov mege v AH magepindy éAAsimov
elde tergaywvo, elg ovppeToe avTyy disdel. TeTurodw
ovv ) AH 8iye xave v0 E, xel v6 dnd vijg EH looy
nege vy A H negefepirodo élisinoy elde terpaymve,
xal é6tw v0 Vmo tév AZ, ZH. xal fjydwcev Ok tdv
E, Z, H onpelov ) AT mepdiiniol of EO, ZI, HK-
avuucrgor dga slolv of AZ, ZH® ovpuetgov doa xal
©0 AT ©p ZK. xal énel ol AZ, ZH ovppsrool &low
uijxee, xel 7 AH &pa éxavépe tév AZ, ZH ovyu-
uergos fove wixst. Gyry 0% 3y AH xal aevpustoos
) AT wijxe dove xal of AZ, ZH. éxdregov doo TdY

1. uéon BFVb. 5. péon BFD, et V, corr. m. 2. douw P.
9. -aguof-] in ras. V.  10. dovppéreov b. 11, éwe/ — 12.
fevrfj] punchis notat. V.  11. H4) 4H P.  12. z0%] cor.
ex 7@ m. 1 b. 14, dieded prixec V. 15. 7¢] ©6 9.  18.
H] om. V. ZI) mut. in JIZ V. 19. elotv] el- e corr. V.
20. slowy P. 23. Gove wel of AZ, ZH) nal énavéen oo
(supra scr. m. 1 V) zdv 4Z, ZH §nry} don nol davppergos tf
AT pruee nel Theon (BF VD).



ELEMENTORUM LIBER X. 287

prehenditur, recta spatio aequalis quadrata mediae
apotome est secunda.

Spatium enim 4B recta rationali 4" et apotome
tertia 44 comprehendatur. dico, rectam spatio 4B
aequalem gquadratam mediae apotomen esse secundam.

nam 4 H rectae 4.4 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,

4 4 E Z et neutra rectarnm 4 H, HA
rationali propositae 4I" lon-
gitudine commensurabilis est,
tota autem 4 H congruentem
4 N_ 0 A H excedit quadrato rectae
. sibi commensurabilis [deff.
=z Y” & tert. 3]. quoniam igitur 4H*
' excedit 4 H*® quadrato rectae
sibi commensurabilis,si 4 H®
P I n aequale rectae 4H adplicatur
spatium figura quadrata deficiens, in partes commen-
surabiles eam diuidet [prop. XVII]. iam 4H in E
in duas partes aequales secetur, et quadrato EH?®
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, et sit 4Z >< ZH. et per puncta E, Z, H
rectae AT parallelae ducantur E®, ZI, HK. itaque
AZ, ZH commensurabiles sunt. quare 4I, ZK com-
mensurabilia sunt [VL, 1; prop. XI]. et quoniam A4Z,
ZH longitudine commensurabiles sunt, etiam A4H
utrique 4Z, Z H longitudine commensurabilis est [prop.
XV]. uverum 4H rationalis est et rectae 4I" longi-
tudine incommensurabilis. quare etiam 4Z, Z H [prop.
XIII]. itaque utrumque A4I, ZK medium est [prop.
XX]. rursus quoniam AE, EH longitudine commen-

H

r K
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AI, ZK uéoov éotlv. mdiw, émsl ovpusteds éotiv 7
AE tfj EH winet, zoi ) 4H goo éxaréoe vdv AE,
EH ovpusreds dote pajxer. gnry 02 § HA xal dovp-
perpog v AL prxer §nry doe xal éxarépe vdv AE,
EH xal dovpuergog vij A wijxst: éxdregov dga tdv
40, EK uéoov éotiv. xal émel af AH, HA dvvaue
uovov ovpuctol el61y, aovuuctgos doe foTl wixe 4
AH i HA. ¢l 5 ptv AH ©fj AZ ovpuereds éote
uixet, 9 08 AH v EH' devuusctoog doa otlv 77 AZ
vfj EH wixs. g 0t 9§ AZ mpog v EH, oVreg éorl
10 AI mgog ©0 EK' aevuuergov doo gotl ©d AI
10 EK.

Zvveerdro ovv tg udv AI leov tetodywvov ©o
AM, © 0t ZK loov donerjede ©0 N5 neol moy adryy
yaviey 6y 13 AM* megl iy adryv dea OduducTodv
éote 1o AM, NE. &oro aviév Oudpergog 9 OP, xal
xorayeyedpdo 1o oyfjue. Enel oy T Uwd tov AZ,
ZH ioov ot tp and viig EH, ¥orwv dga og 1 AZ
npdg v EH, otrwg vy EH meog v ZH. dAd’ dg
udv 7 AZ modg vy EH, otrtag éotl 10 AI meog o
EK' &g 6% vy EH moog vy ZH, otrwg dotl 70 EK
7wog ©0 ZK* xal g dga 10 AI mpdg v EK, otrag
10 EK mgdg ©0 ZK' tév dpa AI, ZK uéeov dvd-
Aoyov éoti 10 EK. &0t 0% xel vév AM, NE zerga-
yovoy pédov avdioyov to MN' xal éetw loov to
utv AI vy AM, ©o 0t ZK ©¢ N5 xel vo EK dpa

1. éotiv] dori PBY, comp. Fb.  dorw] dame V. 8. prjuer]
om. B. 4H F H4 in ras. V. 4. $nvp — b. pine m

2 B. 5. xal Endreqov V. 6. EX] ©K P. dotl
comp. Fb. dvvepec, ¢ euan, V., 7. &lol odpperqor V
fotiv V.  wimer] om. V. 8 AH] H io ras. V, deinde

add. pjxer m. 2. HA4] 4H P, ail’ — 9. 13 EH] mg.
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surabiles sunt, etiam 4 H utrique 4E, EH longitudine
commensurabilis est [prop. XV; cfr. p. 283 not.].
uerum H A rationalis est et rectae A4I' longitudine
incommensurabilis. quare etiam utraque JE, EH
rationalis est et rectae 4I" longitudine incommensu-
rabilis [prop. XIII]. itaque utrumque 4@, EK medium
est [prop. XX]. et quoniam 4 H, HA potentia tantum
commensurabiles sunt, 4H et HA longitudine incom-
mensurabiles sunt; werum A H, AZ et 4H, EH lon-
gitudine commensurabiles sunt. quare 4Z, EH lon-
gitudine incommensurabiles sunt [prop. XIII]. est
autem AZ:EH = AI: EK [VI, 1]. ergo 4I, EK
incommensurabilia sunt [prop. XI].

construatur igitur quadratum AM = 4I, et au-
feratur spatio ZK aequale N5 in eodem angulo po-
situm, quo AM. itaque 4M, N5 circum eandem
diametrum posita sunt [VI, 26]. sit OP eorum dia-
metrus, et figura describatur [efr. uol.1p. 137 not.]. iam
quoniam est 4Z><Z H= EH? erit AZ:EH=EH:ZH
[VI, 17]. est autem A4Z:EH = AI:EK [VI, 1], et
EH:ZH=EK:ZK (id.]. quareetiam AI: EK—=EK:ZK,
itaque EK medium est proportionale inter 4I, ZK.
uerum etiam MN medium est proportionale inter qua-
drata 4M, NE [prop. LIII lemma]. et 41 = 4M,

m. 1P. 8 Post uéw ras. 11litt. V. AZ primee V. dorv V.

9. wijxee] om. V.,  dee] supra ser. m. 1 F. 10. AZ]
suprascr. 4 b. EH]inras. V. 11. 76] (pr.) ©6 dnd wijs F.
zé] v b.  EK] EA supra scr. K b.  aovppergoy — 12.
EK] om. P. 11. %61l 6] m. 2 F.  13. 7@] corr. ex zé m.
1 F. tergayovey P, sed corr. 16. &v] supra scr. m, 1 F.

6] 6 F.  17. vmé] umé b. 22, xal dg — 28. 76 ZK]
mg. m. 2 B. 23 t ZKX] ZK PB.

Euclides, edd. Heiberg et Menge. III 19
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foov éorl vo MN. alde to ubv MN loov éorl 1 A5,
70 0% EK ldov [dori] 10 4@ xal dAov dga ©0 4K
loov éorl 16 TPX pvopove xal vg NE. Fote 0% xal
0 AK l6ov tolg AM, N5 Aomdv &oe 10 AB icov
éorl ¢ ET, vovréors td amd vijs AN vevgayive”
% AN &ga dtvarar 6 AB ywelov.

Aéyw, 8vv 7 AN uéong dmovous) éere dsvrépa.

‘Ensl pap uéea 80elydn va AI, ZK xal éorwv ice
Tolg dmd vovy A0, ON, uéeov dou xal éxdregov THV
and tov A0, ON- uéen &oa éxarégpa vov A0, ON.
xel el avpperedy éove vo AI vj ZK, edpuergov doo
%ol T and vig A0 ©d amd tig ON. mdAw, émel
acvpueroov €0elydn ©0 AI vg EK, acdpucroov dgo
éotl xal to AM v MN, gvovtéove ©o dmd s AO
t Un0 vy 40, ON' dove xal § A0 devpuerods
dove wixer vi; ON* of 40, ON dga péoar slol Ov-
vaues u(vov evpuctoor.

Aéyw 01, Ote xol péoov meguéyovaw.

'Ensl yap péeov €0elydn 10 EK xal éovwv iGov
T Umo tdv 40, ON, uéeov &pu Zovl xal ©o VWO
tév 40, ON' deve al 40, ON péoar slol dvvdause
uévov evuperor uéoov megiéyovoat. y AN koo uéong
amorour] éote dsvréga” xal dvvarar vo AB ywelov.

‘H &ga 10 AB jywelov dvvausvy uéong dmoroun
dotr dsvrépa” Omep E0e detfar.

1. ©é] corr. ex g m. rec. P.  z¢] corr. ex 76 m. rec. P.

2. A5] A8 F. <d] corr. ex té m, rec, P. égt(] P, om.
BFVb. @] corr. ex 76 m. rec. P.  Post 4@ in b adp. :~o,
deinde spatium 1 lin. vacat. 8. NZ] mut. in NZ m. rec. B.
4. loov| (prius) m. 2 FV. 5. AN] AM P; AN F, corr.
m 2 6 AN] Aderas. V. 7. péen BFVL., deur P. 11,
cvppergoy] (prius) cdupsroog F. 12, z7g] corr. ex zév F.
Post 40 add. ON B et supra m, 1 P, Tig] corr. ex
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ZK=NJZ. itaque etiam EK==MN. verum MN= A5
(I, 43], EK=46. quare etiam JK=T®X4 NJ.
est autem etiam
AK =AM+ NE.

itaque reliquum 4B = XT= A N® ergo AN quadrata
spatio 4B aequalis est.

dico, 4N mediae apotomen esse secundam. nam
quoniam demonstrauimus, 4I, ZK media esse, et
Al= A40% ZK=ON?, etiam utrumque 40% ON?
medium est. quare utraque 40, ON media ‘est. et
quoniam AI, ZK commensurabilia sunt [ V], 1; prop. X1},
etiam 40% ON? commensurabilia sunt. rursus quon-
iam demonstranimus, 41 et EK incommensurabilia
esse, etiam 4M et MN, hoc est 40? et 4O><ON,
incommensurabilia sunt. quare etiam 40, ON lon-
gitudine incommensurabiles sunt [VI, 1; prop. XI}
ergo 40, ON mediae sunt potentia tantum commen-
surabiles., iam dico, easdem spatium medium com-
prehendere. nam quoniam demonstrauimus, EX medium
esse, et EK= A0 ><ON, etiam 40> ON medium
est. quare 40, ON mediae sunt potentia tantum
commensurabiles medium comprehendentes. itaque 4N
mediae apotome est secunda [prop. LXXV]. et spatio
AB aequalis est quadrata.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est secunda; quod erat demonstrandum.

wov F. 14 deoiy P. MN] NMP.  15. z¢] corr, ex 16
m. 1 F, 16. &loiy P. 18. weoeégovean V. 19, ydg] om,
Fb, m. 2 B. 20. pégov — 21. ON (prius)] m% V. 22.
avpetgor P.  AND., uéonp BFVDL, 23, oTiv zoelov]
om. Theon (BFVb) 24, péon BFVb. 25, Gmeg #der dsitou]
comp. P, om. BFV

19%



10

15

20

26

292 LTOIXEIRQN ¢,
6o’

'Eav yoolov megLéynrar vmo §nrig xal amo-
TOWNG TETAQTNS, N 70 ywolov dvvauévy éAdocmr
doriv.

Xwglov yagp 10 AB megiegéode vVmo $nrijs g
AT xal amovoudis tevderng tijs Ad* Aéym, 8ti n o
AB ywolov dvvaufvy éidecwmy foriv.

"Eorw pap tfj A4 mgooapudfovoe 3 AH' af dga
AH, HA ¢$nyral eler dvvduer pdvov ovuueroor, xal 9
AH ovpuergdg o i dunepévy dnry v A pijxee,
7 0t 0An n AH tig mpocaguotovens tijg 4H peitov
dvvarer TG amd aovpuéroov favri wijxel. émel ovv
1 AH tig HA peifov dvverer t¢ dmd aovuuérgov
fqurf] wixer, dev oo TG Terdore udger ToD WO Tig
AdH ieov mage vy AH magefindij éAAsimov &lde
rergayve, &g aovpucror adriy OueAsl. TeTuiedw
ot 7 AH 8iya nare ©6 E, xel ¢ dwod tijg EH loov
naga ty A H nopefefliodm éieinov elde tevoaydive,
xal E6tw 10 vmo tév AZ, ZH' devuusrgos dou doti
uixee § AZ ) ZH. fjp8weéav ovv it tov E, Z, H
nagdiiniow tais AT, B4 of E@, ZI, HK. énel ovv
gnrr dovey ) AH xal ovpuergog i) A uijxe, ¢nrov
dga dotly SAov 1o AK. mdhw, émel devpusteds dotiw
1 AH ] AT wixe, xal elow dugpdrsoar dnral, uéeov
dga d6ti 1o AK. milw, émel &ddyyemég dotiv ) AZ
) ZH m)ust, aevpucroor doa xel vo AI v ZK.

2. tsrdorng dmorousjs V. 4. dor/ BV, comp. Fb. 5,
énrijs vijs] corr. ex 7j¢ m, 2 F, érlmg V. 6. Ad] AB4 b,
4 in ras. m. 1 B, 7] supra scr. P. 7. AB] om. Bb, m.

2 V. 8 44] mut. 1nABm 2F, 4Bb. 11, AH]HAV
2. dvvapdvy P uvpy.stqov B corr. m. 2. 15, {oov]
técoy @. 16. aovpusteoy P, ovuueroa b.  dielel piuer V.
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XCIV.

Si spatium recta rationali et apotome quarta com-
prehenditur, recta spatio aequalis quadrata minor est.
Spatium enim 4B rationali 4I" et apotome quarta
A 4 comprehendatur. dico, rectam spatio 4 B aequalein
quadratam minorem esse,
sit enim A4 H rectae 4.4 congruens. itaque 4 H,
H 4 rationales sunt potentia tantum commensurabiles,
4 4 E Z et AH rationali propositae
‘ AT longitudine commensu-
' rabilis est, tota autem AH
r B [ X quadrata congruentem A H
4 N_ 0 excedit quadrato rectae sibi
L longitudine incommensura-
z v & bilis [deff. tert. 4]. iam quon-
X" iam AH? excedit H4*® qua-
drato rectae sibi longitudine
incommensurabilis, si 1 4 H?
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, in partes incommensurabiles eam diuidet [prop.
XVIII]. 4H igitur in E in duas partes aequales se-
cetur, et quadrato EH? aequale rectae 4 H adplicetur
spatium figura quadrata deficiens, et sit 4Z>< ZH.
itaque 4Z, ZH incommensurabiles sunt. iam per E,
Z, H rectis A", B4 parallelae ducantur E®, ZI,
HK. quoniam igitur 4 H rationalis est et rectae 4I"
longitudine commensurabilis, 4 K rationale est. rursus

» T M

17.EH]Eecorr. V. 19.46ziv PV. 20.pnjxsc]om.V. ZH]
HZF. i P, E,Z] 2, E PFb, in ras. m. 2 B, 21
B4] erae. V, T'B b, 23. 6lov] supra scr. m, 1 b, 52.
dotév P.  26. dovpperooy] d- del. F.  &oa ot F.
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evvesrdrm ovv tg pdv AI idov rerpiywvov to AM,
6 6t ZK loov apneiode mepl iy vty yoviey
Ty w6 tov AOM 1o NE. megl tqv adryy &g dud-
pergov fott ta AM, NFE tevpdypove. #ote adrodv
diducrgog § OP, nal xetayeyodpdo vo oyjue. Emel
ovv 16 Umé 1ov AZ, ZH igov éorl 16 dnd vijg EH,
dvdioyov doua éotlv ag 1§ AZ meos tyv EH, olrag
% EH mgog v ZH. ¢Ad g ptv 9 AZ meog v
EH, otrwg éetl 10 AI meos 0 EK, og 6t  EH
moog v ZH, otrag ol 10 EK meds ©60 ZK* 1dv
doa AI, ZK péoov avaloyov éove 10 EK. Eore O
xal 1oy AM, NE verpapbveov uéoov avadoyov vo MN,
nel éoty igov vo utv AI 19 AM, v6 0% ZK v N5
xel v0 EK dga loov éotl vd MN. dAde v6 piv EK
oy éotl v0 40, vy 0t MN loov dorl ©0 A5 Ghov
dga 10 AK loov Zorl 1§ TPX pvopove xel v NE.
énel ovv GAov 10 AK igov forl volg AM, NE reroa-
yovoig, &y 10 AK loov éotl 16 TDX pvadpove xal
3 N5 tevgaywve, Aowmov &pe to AB loov éotl ©éh
ZT, roveéore 65 ano vijs AN tevpayove* §) AN éoa
dvvarar 10 AB ywglov.
Aéya, 8tv ) AN &hoydg éotiv 3 nadovpévy éldecav.
‘Enel pag dnrov éove 10 AK xal é6tv leov roig
ano tédv A0, ON rsrpayovosg, 10 doa Gvyxelucvov
éx tov amo tov A0, ON ¢qrév éorw. malv, émel
10 AK péoov dorlv, xal éorwv loov ©0 AK 16 Olg
U6 v A0, ON, b &ga dlg Umd tév A0, ON uéoov
2. Post ZK ras. 1 litt. . 8. zév] om. BFV. AON
@ et supra scr. M, b.  zd] ecorr.m.rec.b. 4. dove] elor P.
5. ] m. rec. P. 7. 4Z] AH, supra scr. Z, b. ]

om. P. 8. A4Z] Z in ras. F. 9. O‘UﬂDQ] obrag Loriy n EH
meos iy ZH' 4 &g uiv 5 AZ meés iy EH, ovrag b.



ELEMENTORUM LIBER X. © 295

quoniam 4 H, AT longitudine incommensurabiles sunt,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam 4Z, ZH longitudine incommensura-
biles sunt, 41 et ZK incommensurabilia sunt [VI, 1;
prop. XI]. iam construatur quadratum AM= A1, et
spatlo ZK aequale auferatur NE in eodem angulo
pomtum AOM. itaque quadrata AM, NE circum
eandem diametrum posita sunt {VI, 26]. sit OP
eorum diametrus, et describatur figura [cfr. uol I
p. 137 not.]. iam quoniam AZ >< ZH = EH?, erit
AZ:EH=EH:ZH [VI], 17]. est autem 4Z: EH
= AI:EK, EH:ZH=EK:ZK [V], 1]. quare EK
medium est proportionale inter 41, ZK. uerum etiam
MN medium est proportionale inter quadrata 4M,
N5 [prop. LIII lemma], et AT =AM, ZK = NJ,.
quare etiam EK= MN. verum 40 =EK, A= MN
[1, 43). itaque 4K = T®X 4 N5 iam quoniam
est AK =AM+ NF, quorum A4K=T®X} N,
erit AB == XT = AN ergo AN quadrata spatio
AB aequalis est.

dico, 4N irrationalem esse minorem, quae uocatur.
nam quoniam A K rationale est, et 4K = 40? 4- ON?,
A 0%+ ON? rationale est. rursus quoniam 4K medium
est, et JK=240><ON, 240><ON medium est.

40t/ om. V. AI] supra ser. I'b.  EH] E e corr. F,
ras. 2 litt. V. 10. foz(] om. V. 11. oz P. 12, ze-
teaydvoy] om. V. 13. AI] AT'P. NZE] N in ras. V 14,
toov dotl] dotww loov F, looy 6] (alt.) to corr, in wdy (?) V.

16. éoz{] om. V. 1:0] o V. ©4 B. @] coIr. ex
wm 1V, zd P doz/) om. V. ,70] 76 P. 20. +e-
reaywyp] om. V. 22. AH F, dvdloyos Fb. 24. zév]
zod P. " 26. ON zerpaywvoy V, éome BVD, comp. F.  26.
dotiv] comp. F, dot/ PBVL. 16 4K]om.V. <z@] ecorr.V.
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dovlv. nal émel dovupusroov é0elydn to AI ¢ ZK,
acvuuctoov dge xal 10 Amo tig A0 tTETQdYOVOV TG
dno tijg ON vevgayave. af A0, ON dga Odvvdust
eloly aevpuergor motovoar TO iy euyxelusvov éx TGV
o’ avrev Tergaymvav ¢qrov, 16 O0¢ Ol U avtédv
uéeov. 1) AN dpa dloyds doriw 7 nakovudvy éAagomv:
xal Ovverar v0 AB ywelov.

‘H dpa 10 AB ywelov dvvapsvy éldecov éoriv:
Omeg &der Ocifou.

ae'.

'Eav yoglov mepiéynrar vmd $nrijs xel dxo-
Toung wEumrng, 1 10 ywelov Svvaudvy [4] pere
¢nrov uédov vo Glov moroved éaTiv.

Xawglov yag 10 AB megieréodo Umo Gnrig Tiig
AT xal dmoroutjs méuming vig A4 Adyw, St 4 1o
AB ywelov dvvauévy [1] pere dnrov uéeov vo GAov
moLovod €6Tiv.

"Eete y&o tj AAd mposaguofovee 1 AH* of &oe
AH, HA4 {§nral slow dvvduer udvov 6vupergor, xal 3
mpoosagudfovon 5 HA evuuctods éove wijxs vfj éune-
uévy Onrii v AT, 5 0% 0iAn § AH tig mposeguo-
ovens tig AH peifov Ovvarar v¢ amd dovuuéroov
favryl. éav &go v¢ Terdgre wdoer Tov dmd vijg AH
loov mwage vy AH mugafindf éAAeimov &ids terga-

1. 6t BVD, comp. F. 2. ovppergor B, corr.m. 2. dou
dord V. rerodywvoy] om. V. 8. dedpuereol slo dvvdps V,
deinde del. m. 2: die 10 dedregov Dedonue tov Mifllov. 6.
AH F. dvaloyog P, sed corr. 7. AB] B corr.ex I'm. 2 P.

8. ot/ B. 9. Omep £0s1 deiter] comp. P, om. BFVb. 12
1?] (alt) om. FVb, m. 2 B, 13. 4¢7. BV, comp. Fb. 16.
7] om. FVb, m. 2 B, 20. H4] in ras. m. 1 b, 4H P.

piner] om. V. 21, AT wijnae V. "22. cvupéreov B, corr. m. 2.
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et quoniam demonstrauimus, 41 et ZK incommensu-
rabilia esse, etiam £0?, ON? incommensurabilia sunt.
itaque 40, ON potentia incommensurabiles sunt ef-
ficientes summam quadratorum rationalem, duplum
autem rectangulum medium. quare 4N irrationalis est
minor, quae uocatur [prop. LXXVI]. et AN?==4B.

Ergo recta spatio 4B aequalis quadrata minor
est; quod erat demonstrandum.

XCV.

Si spatium recta rationali et apotome quinta com-
prehenditur, recta spatio aequalis quadrata recta est
cum rationali totum medium efficiens.

Spatium enim 4B recta rationali 4I" et apotome
quinta 4 4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam rectam esse cum rationali totum
medium efficientem.

nam AH rectae 44 congruens sit. itaque AH,
H A4 rationales sunt potentia tantum commensurabiles,

A 4 _E Z et congruens HA rationali
| l ‘ propositae 4 I'" longitudine
| X commensurabilis est, tota au-

r

: i
B [Z]

I tem AH quadrata excedit

4 ¥ 0 congruentem 4 H quadrato
@ rectae sibi incommensurabilis

s g Ldeff tert. 5]. itaque si } AH?
Y % &3 aequale rectae 4H adplicatur
spatium figura quadrata de-

P v |y  ficiens, in partes incommen-

surabiles eam diuidet [prop.
XVIII]. 4H igitur in puncto E in duas partes aequales
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yove, &g aovuueton abryy duedsl. Termiodw ovv %
A4H diye xata o E onuelov, xel td amd vijg EH
loov maga tnv AH megefefiiode éiAcimov elde te-
toayove xal foto T Un0 tédv AZ, ZH* deduuscroog
doa dotiv ) AZ vjj ZH pijner. xal émel dovppergds
doriv § AH vfj I'A pixs, xal elow aupivegor dnral,
uéeov oo éati 1o AK. mdiw, énel ¢y dovwv 7
AH xal ovupergog v A wixer, dnvov dere 10 AK.
ovvestdte ovv e udv AI lsov vevgdymvov td AM,
16 0t ZK loov terpdywvov dpnenode téo NE mepl
Y ety yoviev iy vmo AOM' mepl v adTiy
doo didperody domv o AM, NFE tvergdpove. E6rm
attdy Oudustoog 1 OP, nal xaraysyodpdo 10 oyjjue.
opolmg 0 delkouev, 8vi 9§ AN dVvaraw vo AB ywelov.

Aéyw, 6tv § AN 1% psre ¢yrov uéoov td Glov
moiovda goTiv.

‘Emsl yog péoov &elydn 10 AK xal fovwv loov
Toig ano tov A0, ON, 10 &pa ovpxsiuevov éx Tay
and trav 40, ON uéeov éeriv. mdlw, émel Gnvdv
dove 10 4K nal ot loov 1 dlg vmo tév 40, ON,
xol avtd gnrév forw. mal émel aevpucrodv dom 1o
AI ¢ ZK, dovpuergov &pa éotl nel vo amd vijg A0
t6 ano tiig ON' el 40, ON &oa dvvipe eloly aovu-
HETQOL WOLOVOoL TO uiv GUYKElUEVOY éx TOY an avToy
TeTQuyevay uéoov, o 0% dlg vn’ avrév dnrov. 1
Aoumy) &pa § AN &dopds édoviv W xadovuévy peta

1. Post deedes del. prjuer V. 8. AH] H e corr. m. 1 V.

4. ©6] corr. ex 7o P. b, rjj] supra scr. m. 1 b.  Post
prxee add. el fyPocey dwa 1oy E, Z, H 5] AT (4 b) napal-
inior of E®, ZI, HK b, mg. FV. 6. I'4] in ras. V, AT P.
8. Ante ovpuetgos ras. 1 ith. V.  dox dovd Vb, m.2 F, 9.
dotdro b, foto V. 10. zstpdywvov] supra scr. F. 16 N 5]
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secetur, et quadrato EH? aequale rectae 4H adplicetur
spatium figura quadrata deficiens et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
et quoniam AH, I'4 longitudine incommensurabiles,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam 4 H rationalis est et rectae 4I" lon-
gitudine commensurabilis, 4K rationale est [prop.
XIX). construatur igitur quadratum AM = AI, et
spatio Z K aequale auferatur quadratum N5 in-eodem
angulo 4OM positum. itaque quadrata 4AM, N5
" circum eandem diametrum posita sunt [VI, 26]. sit
OP eorum diametrus, et describatur figura [uol. I
p. 137 not.]. eodem igitur modo demonstrabimus,
esse AN2=AB.

dico, AN rectam esse cum rationali totum medium
efficientem. quoniam enim demonstrauimus, 4K me-
dium esse, et 4K = 40?4+ ON2, 40?4 ON? medium
est. rursus quoniam 4K rationale est, et

AK =240 > ON,

hoc et ipsum rationale est. et quoniam A4IJ, ZK in-
commensurabilia sunt, etiam 40?% ON? incommensu-
rabilia sunt. quare 40, ON potentia incommensu-
rabiles sunt efficientes summam quadratorum mediam,
duplum autem rectangulum rationale. itaque reliqua

om. Theon (BFVb). 11. omo wév BFb, A0M ©o NE
(ME @) Theon (BFVb). 12, fom] elov inras. m. 2 V. zd
inras, m 2V. AM]Adinras. m 2V. 18 svynelpevoy
om. V. 19. &6zi BY, comp. Fb. 21, adrd] 10 dlg &oo vmd
téy 40, ON Theon (BFVb) 4ot PBV, comp. Fbh, 22,
AI] mat, in A‘E m. 2F, 4Eb. 23 ON] (prius) e corr, V.

25. 7] om. B.  26. nalovyavn] xe- supra scr. m, 1 b, g
peze b,
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¢nTov pédov o Odov mowovow' xal dvvarer To AB
10olov.

‘H 10 AB dga yogiov dvvauévy usta ¢nrod pioov
76 OAov mowovea éotiv' Omeg £de Osifou.

’

Gs .

‘Edv qoolov megiéynrar vmd gnrijs xal dxo-
tousg Extng, N v0 ywelov Svvaudvy pera uééov
uéoov to d6Aov morovoa oTiv.

Xwglov pog to AB megueyéodn vmd Gnrijs tijg AT
xal amovouijg &xtng g A4 Aéye, Ot 1 10 AB
goolov dvvapdvn [1)] uera uéeov uéoov To olov moroved
doTuv.

"Eorw pag 1} A4 mgocepuibovea y AH* af doa
AH, HA §nrai elor dvvdus udvov ovuustgor, xel
ovderéon alrdv GUuueTeds €0TL TR Exnspdvy Gnrd TI
AT wixee, % 0% 6in 5 AH vijg mpoGaguofovons tijg
AH ysitov dvvarer 16 and devuuéroov favry] wixer.
énel ovv ) AH vijg HA peitov dvverar t6 dnd devy-
uérgov favri] wixer, dov bgo TG TeTaeTE WéQEL TOU
and tiig AH ileov mage v AH megafindi édAsimov
el Terpuy@ve, elg aovuusToe avTyy diedel. Terurodm
oo § AH 0lye xave vd E [oqueiov], xal 16 dmo Tijg
EH isov mage v AH nagafeflijodo éAdeinov side

3. doa vo AB V.  dga] om. PB, m. 2 F.  zwelow
dea B. 4, Omeo &8 dsifon) comp. P, om. BFVbh. 6.
vn’ P. 8. ot BV, comp.Fb, 9. 4B] ABI'P, 10. &xng
tijg] corr. ex £xrng m. rec. P. 11. 7] om. BFVb, 14,
nal o9dsréea) in ras. F.  16. edrov] tov 4H, Hd BVb, e
corr. F.  16. ziig] (alt) =it F.  17. ovupéreov P.  favrod F.

18, émel — 19, wijxed] mg. m. 2 B. 19, favris B, favres F.
03] T b.  20. 4H] JH B.  mogefelopey B, mega-
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AN irrationalis est cum rationali totum medium ef-
ficiens, quae uwocatur [prop. LXXVII]. et AN?= AB.

Ergo recta spatio 4B aequalis quadrata recta cum
rationdli totum medium efficiens est; quod erat de-
monstrandum.

XCVL

Si spatium recta rationali et sexta apotome com-
prehenditur, recta spatio aequalis quadrata recta est
cum medio totum medium efficiens.

Spatium enim 4B rationali AI" et sexta apotome
A 4 comprehendatur. dico, rectam spatio 4B aequalem
quadratam rectam esse cum medio totum medium
efficientem.

nam AH rectae 44 congruens sit. itaque AH,
H 4 rationales sunt potentia tantum commensurabiles,
4 4 E Z H et neutra earum rationali pro-
| | positae 4TI longitudine com-

!
i i mensurabilis est, tota autem
r B 0 IK

AH congruentem 4H quadrata
4 N o excedit quadrato rectae sibi
|2 longitudine incommensurabilis
Zl— n;} & [deff. tert. 6]. iam quoniam
X AH? excedit HA® quadrato
- rectae sibi incommensurabilis

P o

longitudine, si { 4H? aequale
rectae 4H adplicatur spatium figura quadrata deficiens,
in partes incommensurabiles eam diuidet [prop. X VIII].
AH igitur in puncto E in duas partes aequales se-
cetur, et quadrato EH® aequale rectae 4H adplicetur

foiidpevoy F, mapafdilopsy Vb, 22, onpeior] om. P. o]
w0 F. 28, lsov] om. V.  lgov éldeimoy V.
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TeTQayove, xel £6tw 10 Uno tdv AZ, ZH* devpuctoog
doo dotlv vy AZ v} ZH wixer. g 0t 7 AZ mpog
v ZH, otUtwg ol 16 AI mpog vo ZK* dovuuergov
doa éovl 10 AI vg ZK. xel émel of AH, AT $nrai
elor dvvdusr udvov ovuucror, ufoov Zorl 10 AK.
nddy, émel of AT, AH ¢nrel elor xel cevupsroor
piixes, péoov éotl xal 6 AK. émsl ovv of AH, HA
dvvapee uovov Gupuergol &lowy, devuusToog doo éatiy
7 AH v HA pixsr. g 0% 4 AH meog vy HA,
otrawg dorl 10 AK medg v0 Kd* devpustoov dou
dotl 10 AK v KA. evveordtm odv v pdv AT
loov tetgayavor to AM, 1 0% ZK loov dpnerodam
mepl Ty avryy poviev t0 NE' meol tiv avtyy doe
dapergov dote v AM, N5 vsrgdyove. foro avrov
didpuergog 11 O P, xal xatayeyodpdm to oyfjue. Ouolwg
07 tols émdve dstbopev, Ote § AN Ovvaroer 1o AB
xe20lov.

Aéyw, 0w ) AN [5] pere péoov pégoy ©6 Oiov
moLovoe 0Ty,

'Enel yag méoov 20&lydn v0 AK xal éoviv loov
voig anc 1oy A0, ON, b doa evyxeiusvov & rév
and tév A0, ON uéoov éorlv. mdlw, émel péoov
80ely®n 10 AK nal éovwv loov te dlg vmd tév A0,
ON, xal 76 dlg ¥ tédv A0, ON upéeov Zotiv. xal
émel aovpuerooy 0elydn vo AK 1 AK, devppcron
[#pe] éotl el ve dmo tdv 40, ON rerpdyove 6
dlg Ymd vov 40, ON. =xal émel dovupergdv fote To

1. dovppeteoy P, corr. m. 1. 2. ZH] HZ F. 3. AI]
and AIF. 4 dottv P. AI] corr. ex AT m. rec. P. 5.
AK] corr. ex 4K m. rec. P. 6. medw — 7. 4K] om. P.

10, K41 4K V. 11. Kd] corr.ex 4K V. 12. doyeicfa
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spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
est autem AZ:ZH = AI:ZK [V], 1]. itaque A1,
Z K incommensurabilia sunt [prop. XI]. et quoniam
AH, AT rationales sunt potentia tantum commensu-
rabiles, 4K medium est [prop. XXI]. rursus quoniam
AT, AH rationales sunt et longitudine incommensu-
rabiles, etiam 4K medium est [id.]. quoniam igitur
AH, HA4 potentia tantum commensurabiles sunt, 4H
et HA longitudine incommensurabiles sunt. est autem
AH:HA = 4K:K4 [VI, 1]. itaque 4K, K4 in-
commensurabilia sunt [prop. XI). construatur igitur
quadratum 4 M== 41, et spatio ZK aequale auferatur
NE m eodem angulo positum. itaque quadrata 4M,
NZE circum eandem diametrum posita sunt [VI, 26).
sit OP eorum diametrus, et desgribatur figura [uol. I
p. 137 not.]. eodem igitur modo, quo supra, demon-
strabimus, esse AN%= 4B.

dico, AN rectam esse cum medio totum medium
efficientem. nam quoniam demonstrauimus, 4K me-
dium esse, et /K= 40?4 ON?, 40?4 ON? medium
est. rursus quoniam demonstrauimus 4 K medium esse,
et 4K =240><ON, etiam 2 40 >< ON medium
est. et quoniam demonstrauimus, 4K et 4K incom-
mensurabilia esse, etiam A40%*4-ON? et 2 40><ON
incommensurabilia sunt. et quoniam A1, ZK incom-

o NEV. 13, meel — yoviay] om.Fb, mg. m. 2 B. aﬁm’v]
(prius) adziy v om6 AOM V. 6 NE]om. V. 14. dors
eloe V.  zetedyova] om. V. 16, dvverer — 18. AN] mg.
m. 2V. 18 7] (alt) om. P. 20, foov] m. 2 F. 22
doti PBVb, comp. F. " 24. Zovi/ PBV, comp. Fb. 26, dec]
om. BFVD.
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AI 16 ZK, dovpucrgov Gga xel o dmo tis A0 td
énd tijg ON* of A0, ON dga dvveus eloly dovu-
UETQOL MOLODOUL TG TE Guyxelpevov éx TGV an avTOY
reTgaydvoy uédov xal to Olg vn’ adrdy uédov Fri ve
T0 dn’ atTGY TETPdy@VE Gevuuergn T Olg UK’ avTHw.
< » » ’ € ? 2 ?
n age AN @&hoyog éotww 17 xedovuévy uera UEGOV
uégoy 16 SAov mowovoe xal dvverar vo AB ywelov.
e P L ! h) ’ ? 1
H c¢oa 1o ywelov dvvausvy uere pidov uééov to
8Aov moioved éotiv’ Omep ¥der detfau.

6§’

To. ewd amoToudjs muge $nryv magafaild-
REVOVY TAdTOg TOLED dmOTOUNY WEBTYY.

"Eotw amotouy 7 AB, ¢ty 0 5 I'd, el ¢ axd
tiis AB ldov mapa iy I'd mepafefiijedo 0 T'E
nAdrvog mowovw vy I'Z' Aéyw, 6tv v I'Z dmovour] éore
TODTY.

"Eerw pap v AB mgocagudtovee v BH* ol dpe
AH, HB {$nrai elov dvvdust pdvov ovuusrgor. el
6 utv and vijs AH ldov mega viy I'd magefepiiodo
76 I'O, 16 0t and tijc BH v6 KA. 8iov dga vo I'4
teov el voig dmwd rov AH, HB' d&v to I'E leov
dorl 6 amd vijg AB' Aowmdv &ga o ZA leov doti
v¢ Oig vno tdv 4H, HB. rverwijode 5§ ZM iy
xeta 10 N onueiov, xel #yBeo 0w tov N w5 I'd
moagpedimiog 7 NE-  éxdregov dga tdv Z5, AN
foov fori te vmo vdv AH, HB. xel éxel va dmo

2. ON] (prius) NOP. 3. zz] udv BFVb. ovyxelpsvor]
m 2V, 4 xof] ins.m.1V. “fri] e-inras. V. 6. AN]
corr. ex AN B. 7. motovems g. 8. ywelov] AB BFb, 4B
qoeloy V., 9. Omsp &35 dsifan] : v P, 11. dwé] om. b.
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mensurabilia sunt, etiam £0% ON? incommensurabilia
sunt. itaque 40, ON potentia incommensurabiles
sunt efficientes summam quadratorum mediam et duplum
rectangulum medium et praeterea quadrata et duplum
rectangulum incommensurabilia. itaque 4N irrationalis
est cum medio totum medium efficiens, quae uocatur
[prop. LXXVIII}. et AN®= 4B.

Ergo recta spatio illo aequalis quadrata recta est
cum medio totum medium efficiens; quod erat demon-
strandum.

XCVIL

Quadratum apotomes rectae rationali adplicatum
latitudinem efficit apotomen primam.

Sit 4B apotome, I'4 autem rationalis, et quadrato
AB? aequale rectae I'd adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z primam esse apotomen.

4 B H nam BH rectae 4B congruens
A sit. itaque 4 H, H B rationales sunt
r Z NK M potentia tantum commensurabiles

1 {prop. LXXTII]. et rectae I ad-
plicetur I'® = 4H?* K A= BH?*.
itaque totum I''d = 4H® | HB2,
quorum I'E =4 B®. itaque reliquum Z4 =2 AH><HB
11, 7]. iam ZM in puncto N in duas partes aequales
secetur, et per N rectae I'd parallela ducatur NZE.
itaque Z 5 = AN = _AH>< HB. et quoniam 4H?® 4 HB?

|
4 E 26 4

12. mwosi P, corr. m. 1. 17. 4B] Bin ras. V. BH] HB

ecorr. V. 19, AH] corr. ex 4d m, 1 F. 22 ZA4] AZ P.
23. zov] om. P. 25, ZE] EZF. AN]corr.exNAY.
26. vg amef vmo V.

Euclides, edd. Heiberg et Menge, IIT. 20
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v AH, HB ¢qrd dorwv, xal éoti toig dmd vov AH,
HB icov 16 AM, ¢yrov dea dori 76 AM. xal mape
ont iy I'd megaféfinrar midvog mototy tqv I'M:
gy doa dotlv §) I'M xal cvupergog vff I'd urxee.
nidiv, énel péoov éorl ©o dlg vwo rév AH, HB, xal
o dlg vmd vov AH, HB lgov ©0 Z 4, uédov doa o
Z A. xal maga ¢nryy vy I'A magdxeivar wAatog moiotv
iy ZM' §nry &oc éovlv ) ZM xal dovppergog i
T'd wpijxee. xal Zxel v pdv dmd tov AH, HB ¢yre
éonv, 10 0% Olg vmo v A H, HB uéeov, acvuucroa
oo ol te and tov AH, HB ¢ 0lg vmd vév 4AH,
HB. =xc«l voig ptv and trédv AH, HB leov éetl 1o
I'4, v 0t dlg vmd vév AH, HB ©6 ZA* aevpusrgov
doa doti 0 AM 1t Z A g 0t ©v6 AM meds To
Z A4, otrag dotlv 7§ I'M medg vy ZM. dovuusrgog
doa dotiv ) I'M v} ZM unxer. xal elow aupdreper
¢nral: af dga I'M, MZ ¢nrel slor dvvause pévov
ovpusrgor: N I'Z dge amovour éovwv. .

Aéyo 01, Svi xal moary.

'Encl yop tév and tiv AH, HB uéeov dvdioydv
dove ©0 Umo tév AH, HB, xal éov. v ptv amd tijg
AH loov vo I'®, v@ 0} and tijg BH ieov 70 K4,
¢ 0% vmo tdv AH, HB vo NA, xal vov I'O, KA
dpe uégov dvaloydv dev. vo NA- Eevy dpo dg 70
I'® =gdg ©&6 NA, odrwg 10 NA mweog 16 KA. aid’
g utv 70 I'® medz 16 N A, olrwg dotly 9 'K medg

1. ¢nrz¢ — 2. HB] mg. m. 2 B, 1. dovv] dov PBVD,

com% F. xal ot zoig) rois 8¢ V. 3. napaxnetroe Theon
BI;‘ Vlo); wopaféfinrae supra add. m. 2 B, 6. @] corr. ex
70 .

8. fotlv] dotl xal F.  xal dovpuetoos] bis b.  10.
46re BV, comp. b, elor F? uéoa P, et E;, corr. m. 1, 11,
éoau] om. B.  doztv P 12. nal] xol dore BPVh.  éoz(]
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rationale est, et 4 M = 4H? {+ HB? A4M rationale
est. et rectae rationali I'4 adplicatum est latitudinem
efficiens I'M. itaque I'M rationalis est et rectae I'd
longitudine commensurabilis [prop. XX). rursus quon-
lam medium est 2 AH><HB, et ZA=2 AH>HB,
Z 4 medium est. et rectae rationali I'4 adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam 4H?-+ HB? rationale est,2 4H>< HB
autem medium, 4 H? 4+ HB? et 2 4H >< HB incom-
mensurabilia sunt. et
I'd= 4H® 4+ HB? Z4=24H> HB.
itaque 4 M, ZA incommensurabilia sunt. est autem
AdM:ZA=TM:ZM [VI, 1}, itaque I'M, ZM
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque I'M, MZ rationales sunt
potentia tantum commensurabiles. ergo I'Z apotome
est [prop. LXXIII]. :
iam dico, eandem primam esse. quoniam enim
AH >< HB medium est proportionale inter 4H?® et
HBE [prop. XXI lemma), et I'® — 4H? K4—= BH?
NA = 4H > HB, erit etiam N4 medium propor-
tionale inter I'®, K 4. quare 'O: NA = NA:K A
est autem I'O: NA=IK:NM et NA:KA=NM:KM
[VI, 1]. itaque TK><KM=MN?[VI, 17] =4} ZM?.
om. BFVb. 13. HB] corr. ex 4B m. 1 b, HB foov V. 15.
mv] om.B.  18. d6ru BVD, comp. F.  21. doui] (alt.) doruv P.
7¢5] corr.ex 76 m. 1F. 22. v 0% owd véov A H, HRB loov to
N4, ¢ 8t dno vijg BH lsov 6 KA* xal td. Theon (BFVb).
24, NA] e corr. V. foiy — 25. meog 0 NA] mg. m.
1P. 25 N4] corr. ex AN V.  odrws — 26. NA] mg]

m. 2 B. 26 NA] corr. ex AN V.  édotv] m. 2 F.
ras, 1 litt. b. .

20*



10

15

20

25

308 ZTOIXEIQN /.

iy NM- &g 0t 70 NA mgog ©0 KA, olreg éotlv
n NM mpdg iy KM' ©6 dga vwd tov 'K, KM
loov éotl ©é and tijs NM, rovréor. ti revdgre uéoet
o0 and vijg ZM. xol émel Gvpueredy do6ti TO amo
tiig AH 6 and vijs HB, ebpyerpov [éovi] xal vo I'O
9 KA. og 0% 760 I'® mos v6 KA, otrwg § I'K
mpog Ty KM' evuuergos dge éotlv y 'K ©5; KM.
dnel odv 0vo svdeien &vicol elow of T'M, MZ, xal
16 Terderep wéger Tob and g ZM loov maga Thw
I'M mopaféfintar éAdeimov &lder Tevgaywve To Vo
tov 'K, KM, xal éovv ovuuergogs 1 'K ©j KM,
7 &pee T'M tijg MZ ueifov dvvarar Té dmd cvuuéroov
favrf wrjxer. wel éony § I'M eduustoos tff éxnsiuévy
oy} v I'd wpixe 3 &oo I'Z amovous] ot mooTy.

To o amd dmovoudjs mags gyry megafaiiducvoy
mAdrog moisl amorouny meaTnY* Omep e dsifou.

Gy’

To amd uéons amorouss EWTYs TaQx $nTyV
megafaildpsvoy mwAdrog morel dmoTouyy dsv-
tépav.

"Eete uéeng amotoun meawry § AB, dnry 0t § I'4,
xel T amo vijg A B leov mage vy I'd negafefiicden
10 'E mhdrog motovw tw I'Z* Aéyw, 8t %) I'Z amo-
Tou éore devréga.

"Ecte pag ij AB moooaguotovoe n BH' «of éga
AH, HB péoa &lal dvvauer uovov ovpusrgor dnrov
meQLéyovoar. xal v utv amd tis AH l6ov mapa thv

1. dg 8¢ — 2, KM] om. F, uidetur fuisse in mg. 2. Post
prins KM add. xel og oo % 'K moés iy NM (MN F), 0¥t 7
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et quoniam 4 H?, HB? commensurabilia sunt, etiam
I'®, K4 commensurabilia sunt. est antem
I'e:KA=TK:KM

[VL, 1). itaque 'K, KM commensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et } ZM® aequale spatium rectae I'M ad-
plicatum est 'K >< KM figura quadrata deficiens, et
I'K, KM commensurabiles sunt, I"'M?® excedit MZ?
quadrato rectae sibi commensurabilis longitudine [prop.
XVII). et I'M rationali propositae I'd longitudine
commensurabilis est. itaque I'Z apotome est prima
[deff. tert. 1].

Ergo quadratum apotomes rectae rationali adpli-
catum latitudinem efficit apotomen primam; quod erat
demonstrandum. :

XCVIIL

Quadratum mediae apotomes primae rectae rationali
adplicatum latitudinem efficit apotomen secundam.

Sit 4 B mediae apotome prima, I"4 autem rationalis,
et quadrato 4B® aequale rectae I'd adplicetur I'E
latitudinem efficiens I'Z. dico, I'Z apofomen esse
secundam.

nam BH rectae 4B congruens sit. itaque A4 H,
HB mediae sunt potentia tantum commensurabiles

NM moos gy KM FVb. 8. rovtéemy P. 4. ovppseroog P,
COrT. m. rec. douv P. 5. éott] om. P. 11, domv P.
dadpuergog F. 12, I'M] MTI e corr. V; KM supra scr,
I'b., MZ]ZMF. dovupérgov b, a¢- add. m. 2 F. 15,
mooa dnriy] om, V. 16. Gmee #0et deikor] comp. P, om.
BF 21, péoy BFVh. 22. Post weee del. ¢n m. 1 P.
I'dy 'MF. 28, I'E] corr. ex ' m, rec. P. 25. BH]
corr. ex ZHm, 2 V. of &oa] &g 7 F. 26. slolv B.
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I'd nopefefiiiodo 16 I'O midvog moovw tyv 'K,
T 0 and vijg HB loov 10 KA midrog mowovv taw
KM 8lov dgo 1o I'd igov Zorl Tolg dmd vév AH,
HB uéoov Gge xel o Td. xel magd ey iy I'd
negaxeirar whdrog worovy iy I'M: gy dea éoriv
7 I'M »al dovduergog tif I'd wijxst. xel énel vo I'4
loov Zotl voig ¢nd vév AH, HB, v 10 dnd vijg AB
loov dotl v T'E, Aomdy oo to dlg vmo tédv AH,
HB leov éotl vep ZA. ¢Gnrov 06 [on] v dlg vmod
tov AH, HB" ¢nrov dga 10 ZA. xal mege $nriy
v Z E magaxertor nharog motody oy ZM* ¢ty doa
ol ol 9 ZM nel evppstgog Tij A pijxer. émel ovw
7 pdv amd vav AH, HB, roviéers vo I'd, uécov
éoriv, ©0 0t dig vmo vov AH, HB, rovtéen 10 Z A,
¢nrov, dovpucrgov Goe éovl t0 I'd v ZA. g 0% o
I'd mgog ©o6 Z A, otrwg dotlv ) T'M meds v ZM:
aevupergog dga 3 I'M ©fj ZM uijxer. xel &lowy du-
@drepar $nrels of dga I'M, MZ $nral slor Svvaust
pdvov evduuergor’ 1 I'Z dga amorour domw.

Aéyo 01, Gt xol devréga.

Terwijodw yap § ZM diye xave 76 N, xel 739
dwe vod N tfj I'd moagdddnios § NE- éxdvegov &po
tév Z5, NA leov éorl 76 vmo tév AH, HB. =xal
énsl 1év and rév AH, HB rergaydvov péoov dvd-

1. 7o aea Bepiriocfo o. 70 I'©] om. V, supra est ras.
TK] T'K 10 re V. 8, rd] ra 4. Post HB add.
nal dote ta dmwo toy AH, HB péow xei foa 5 I'4 V. 5.
¢nti] -7 in ras. P 6171"me(]m2F 8. o1l @
TE] zp T'E oy Q. 9. dov] om. P. 10. dou] dov nal ¥,
supra add. deo m. 2; Hea xal F? éuul ¢). 12 foriy B. 14,
oz PBFYV, comp. b. HB $neov V. Z4] I'd, supra scr.
Z, b 15, énrov] om. V. dea] m. 2 F. 16. weos 76
‘t93 B, corr. m. 2. dotiv] om. V.~ 17. dovpusteog — ZM]

>
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4 p g Spatium rationale comprehen-

—t— dentes [prop. LXXIV]. et qua-
r Z NK M drato 4H? aequale rectae I'g
adplicetur I'®@ latitudinem efficiens
'K, quadrato autem H B2 aequale
K 4 latitudinem efficiens KM
quare totum I'4 =— AH?® 4 HB®. quare etiam I'A
medium est. et rectae rationali I'4 adplicatum est
latitudinem efficiens I'M. itaque I'M rationalis est
ot rectae I'd longitudine incommensurabilis [prop.
XXII). et quoniam est

I'd = AH* 4+ HB?,
quorum AB?==T'E, erit reliquum 2 AH>< HB =27 4
[II, 7]. uerum 2 4 H>< HB rationale est. itaque Z .4
rationale est. et rectae rationali ZE adplicatum est
latitudinem efficiens Z M. itaque etiam Z M rationalis
est et rectae I'4 longitudine commensurabilis {prop.
XX]. quoniam igitur 4H?® -+ HB? hoc est I'4, me-
dium est, et 2 4 H>< HB, hoc est Z 4, rationale, I'4
et Z A4 incommensurabilia sunt. est autem
Ird:ZA=TIM:ZM

[VI, 1]. itaque I'M, ZM longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt pofentia tantum commen-
surabiles. ergo I'Z apotome est [prop. LXXIII].

iam dico, eandem secundam esse. ZM enim in N
in duas partes aequales secetur, et per N rectae I'd
parallela ducatur N 5. itaque ZE=NAd= A4 H>HB.

a4 E 56 4

mg. m. 2 B, 18, &pa] @, post MZ hab. F. 19, gz BVD,
comp. F.  20. 67c dor/ Vb,  devrégu éoziv B. 23, 2]
Z in ras. B. 24. énel] Fre B (supra est ras.).
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Aoydv doti 1o Umo tdv AH, HB, xol éotiv icov 1o
udv amd vijg AH vp 'O, ©6 0t tnd rov 4AH, HB
¢ NA, ©o 0t dnd tvijg BH v KA, xal vov 'O,
KA dga péoov avaioyov éoti 16 N A' oty dga dg
10 I'® mgog 0 NA, ovtwg ©0 NA mds ©do KA.
aAl’ &g udv 16 I'O mpog 16 NA, otrwg éotlv 'K
nweds v NM, wg 0t ©0 NA mgog ©v60 KA, otrawg
dotlv § NM moog tijiv MK' ag dga 7 'K moog o
NM, otrag éetiv 77 NM medg vy KM" 6 &ge vmd
tov 'K, KM ieov éorl ¢ amd vijg NM, rovréome
TG verdgre piost tov dmd vijs ZM [xal émel ovy-
perpdy éor vo dnd vijs AH t¢ and vijg BH, cvpue-
Todv ot xal vo I'® tg K A, rovréerww ©) I'K vf) K M.
énel ovv dvo ebdeien dvicol siow of TM, MZ, xal
TH Tevagre uéger tod amd vig MZ ieov mage Tiw
usilova iy I'M moagafépinrar éAdsimov &lds terou-
yove to omd vav I'K, KM xal &l oVpueroe avrqy
diaget, 7 oo I'M zijg MZ pcifov dvvarer v damo
ovuuéroov vty wixel. xel deTiv 1 mpoowpudfovee
7 ZM ovuustoog wijxst tfj Exxcwudvy dnrii v LA™ 4
dpa I'Z amovous] dore devrépe.

To dga émd uéong amorouss mEWTNS Mol STy
megaPalddusvoy wAdros moiei amotouny dsvripav*
onmeg £0g Oclar.

Gd'.

To amd uéons dmotousg Osvréges maga
éntyv wagefariduevor mhdvog morel dmoTouny
TelTnV.

1. douv] dore V.  loov] supra scr. m. 1 V. 2. zg] in
ras. V. 8. 1] rév mut. in o m. 1 V. z0] 76 P. 4]

w6 PV. 1G] 76 b. 5. 26 NA) (alt) mg. m. 2 F. =gos
16 KA] ©6 NA 9. Deinde del. m.1: ¢1i’ og piv v6 I'® mgog
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et quoniam 4 H>< HB medium est proportionale inter
AH? et HB? [prop. XXI lemma], et AH®= IO,
AH >< HB=NA, BH?= KA, etiam NA me-
dium est proportionale inter '@, KA. itaque erit
I'O:NAd=NA:KA4 uverum I'@:NA=TK:NM,
NA:KA=NM: MK [V],1]. quare TK: NM = NM:KM.
itaque K> KM==NM? [V], 17], hoc est =}1ZM?2,
iam quoniam sunt duae rectae inaequales I'M, MZ,
et  MZ? aequale maiori I'M adplicatum est spatium
'K >< KM figura quadrata deficiens et eam in partes
commensurabiles?) dividit, I'M? excedit MZ? quadrato
rectae sibi commensurabilis longitudine [prop. XVII].
et congruens Z M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est se-
cunda [deff. tert. 2].

Ergo quadratum mediae apotomes primae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

IC.

Quadratum mediae apotomes secundae rectae ra-
tionali adplicatum latitudinem efficit apotomen tertiam.
1) Nam 4 H? et B H? commensurabilia sunt, et

AH*:BH*=T€©:KA=TK: KM
[VI, 1]; tum u. prop. XL

t6 N4, otrwg 16 NA meés 16 KA V. 8 NM] Ninras V,

9. doriy] om. V. 11. zov] ¢ F. nol émel — 18,
KM] om. P. 12, Jo7:] om. Fb. Post BH del. odtag
m. 1V. 13. o] supra scr. m, 1 FV.  14. 8vo e9@siae]
suprascr.m, 1F.  xal v9] © 04 BFVDb.  15. ©i¢] e corr. V.

MZ] corr. ex ZM V. _ 17. £} mut. in 7é m. 2 P. 18,
7js] corr, ex zj m. rec. V.  20. Mg. yo. dedpperoog m. 1 P.

'd]l I'd pixee ¢. 22, mpatng] om. P. 24, omse £0ss
deikat] : pme P, om. BFVh.
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"Eorer uéong amorouy dsvtéga v AB, fnry 0% 7
I'd, xel ©6 émo tviig AB loov mage vy I'd mega-
Bepinodw 0 I'E midrog mowovv vy I'Z Aéym, Gte
9 T'Z dmorour) domt ol

"Eetom yap ] AB mgooagudfovee  BH' of &pa
AH, HB péoo: slol dvvdps pdvov evuperoor pésov
neguéyovoos. xel 1 piv and vig AH isov megs v

, I'd mogefepliodo to I'® midvog mowovv v I'K,

10

15

20

25

©e 0 and tijg BH loov mage vy KO magafisfinedo
t6 K 4 mhdrog mototw iy KM Shov dga td I'A icov
dotl toig amd rov AH, HB [xal éove péoa ve amo
rov AH, HB)* uéoov dpa xal ©o I'd. xal mwage éqryy
v I'd megaféfinrar midrog morovv vy I'M* Gy
doa Zotly ) I'M xol aovupergog 5 I'd wixst. xal
énel 6Aov vo I'A loov éerl roly amo vov AH, HB,
ov ©0 T'E loov éovl t¢ dnmd vijg AB, Aomiv Gpa 7o
AZ teov derl ©d dlg vmd v AH, HB. retpijodo
ot 5§ ZM Oy e £6 N equstov, xal vij ['d magdl-
Andog ydw n NE éxdregov doa vév ZF, NA loov
dotl ©¢ vmwd vév AH, HB. uéoov 0% ©o vmd tdv
AH, HB* péeov dgu éoti xal 10 ZA. xal mwage fyryy
v EZ magdneiton mwhdrog motodv iy ZM: gnr
doa xel 7 ZM xnal aevpupergog tij I'A prxs. xel
émel of AH, HB dvveps udvov &lol 6vuuergor, ¢ovu-
pergog tga [fovl] wijxer vy AH v HB* devuustoov
toa éotl xal vo dmo g AH 6 vmd vév AH, HB.
dAde ve pdv dwd i AH ovppcrod foti Te dmd Tév

1. wéon BV. devréoa] in ras. V., 4, velrn dotly
BFVb. 9. K@] corr. ex I'® V. 10. XM] corr. ex K4
m. 1 F, I'A] corr. ex KA V. 11, xe{ — 12. HB] om.
FVb, m. 2B. 13, ¢neév P. 17, 4Z] corr.ex ZA V. 21,

RN
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Sit 4B mediae apotome secunda, I'4 autem ra-
tionalis, et quadrato 4 B? aequale rectae ' adplicetur
I'E latitudinem efficiens I'Z. dico, I'Z apotomen
tertiam esse.

nam B H rectae 4B congruens sit. itaque 4H, HB
mediae sunt potentia tantum commensurabiles spatidm

4 g gz  mmedium comprehendentes [prop.

f—t— LXXYV]. et quadrato 4H? ae-
I' Z NK M quale rectae I'd adplicetur I'®

latitudinem efficiens I" K, quadrato
. autem BH? aequale rectae K®

adplicetur K A4 latitudinem effi-
ciens KM. itaque totum I'd = AH® -4 HB: et
AH® ++ HB? medium est. itaque etiam I'4 medium
est. et rationali I'4 adplicatum est latitudinem ef-
ficiens I'M. quare I'M rationalis est et rectae I'A
longitudine incommensurabilis [prop. XXII]. et quon-
iam est I'd = 4AH?+ HB?, quorum I'E = AB%
erit reliquum AZ =2A4H> HB [II, 7]. iam
ZM in puncto N in duas partes aequales se-
cetur, et rectae I'J parallela ducatur Ve itaque
Z5 = NA=AH> HB. uerum 4H><HB medium est.
itaque etiam Z 4 medium est. et rectae rationali EZ
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam 4H, HB potentia
tantum commensurabiles sunt, 4 H et HB longitudine
incommensurabiles sunt. quare etiam 4H?® et 4H><HB
incommensurabilia sunt [prop. XXI lemma, prop. XI].

) E 260 4

Z 4] corr. ex Zdm.rec. P, mut.in 4Z V.  23. xal] (primum)
oty V. 25, lov/l om. P. AH)] Hinras. V. “zjjom. b.
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AH, HB, ¢ 0t vmo rov AH, HB 16 dlg vmd tév
AH, HB" acvpusroa épa éotl o and tov AH, HB
t6 Olg Um0 tédv AH, HB. dile toig udv amd Tév
AH, HB leoy éoti v6 I'A, vg 0% dlg vmd tdv 4 H,
HB loov doti v0 ZA' devuucrgov doe éoti ©o I'A
19 ZA. og 0% vo I'4d medg 10 Z A, ovrwg Eotiv 3
I'M mpdg wyv ZM* aovupergos dpa éorlv ) I'M 4]
ZM pijxer. wol elow aupdtepur gyral: of &ea I'M,
MZ {$qral slov dvvdpet pdvov evuupergor’ dmorous)
doo éotiv 1 I'Z.

Aéyo 01, v xol TolTy.

‘Enel pag 6vuueTgdv éote 16 and vig AH ¢ dmd
zijc HB, evpuctgov dpa xal 16 I'O 16 KA° dore
xal § T'K vij KM, xol émel tov ané rov AH, HB
uéoov avdioyov dert 10 vwo tov AH, HB, xal é6rc
t6 utv and vis AH loov ©o I'O, t¢ 0% and vijig HB
loov 10 KA, v 0% vmd tév AH, HB ieov ©0 N,
xel vov I'®, KA &ga péoov dvadoydy éote 10 NA-
ot dga g 10 I'@ medg 10 NA, ovtwg 70 NA
ngog 10 KA. ald og utv ©60 I'@ medg o N,
ottwg dorlv ' 'K mods vy NM, dg 0% ©o N.A mpdg
©0 KA, otrwg éotiv § NM mpdg vy KM' og &oe
7 'K mpog tiy MN, otrag dorly § MN modg v
KM 26 dgoe vmd vév 'K, KM loov éorl v6 [amd
tijg MN, tovréor: T(3] terdore pdost tov and tig Z M.
énel ovv dvo evdsiaw dvidol slow of "M, MZ, xal
T Tevdgro uépee vov amo tig ZM icov mege Ty
I'M nagaféfintar éiisimov &lder tergaymve xal &lg

1. 78] ovppergdy fore v6 Theon (]BFVB). 2. Post HB

del. 10 ZA V. wovppsrow — 3. HB] om, P. 2. dovpuerea
— b5 ZA]mg.m.1V. 2 dea] om. b. domr dea V. dwd)
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uverum 4H?® et 4H®* HB:, AH><HBet2 AH><HB
commensurabilia sunt. itaque 4H?- HB® et 2 AH><HB
incommensurabilia sunt [prop. XIII]. est autem

I''d= AH?+4 HB?, ZA4 =2 AH > HB.
quare I'd, Z.4 incommensurabilia sunt. est autem
I'd:ZA=TIM:ZM [V], 1]. quare ’'M, ZM lon-
gitudine incommensurabiles sunt [prop. XI}. et utraque
rationalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXTIT].

Tam dico, eandem tertiam esse. nam quoniam A4 H?,
HB? commensurabilia sunt, etiam I'®, K4 commen-
surabilia sunt. quare etiam I'K, XM commensura-
biles sunt [VI, 1; prop. XI]. et quoniam 4H><HB
medium est proportionale inter 4H® et HB® [prop.
XXTlemmal}, et 'O =AH? KA—=HB: NA=AH>HB,
etiam N4 medium est proportionale inter I'®, K 4.
itaque I'@: NA = NA: KA est autem

I'6:NA=TK:NM, NA:KA=NM:KM
[VI,1]. quare TK: MN=MN:KM. itaque [VL, 17]
I'K>< KM = MN?=4{ZM? quoniam igitur duae
rectae inaequales sunt I'M, MZ, et }ZM* aequale
rectae I'M spatium adplicatum est figura quadrata
deficiens et eam in partes commensurabiles diuidit,

vmé B. 4. I'4] corr. ex I'd m. rec. P. 6] w6 V. 6. 4]
(pnus mut.inzg V. 7. ’'M] Hb. ZM] MZ P, ’'M b.
ost ZM eras. p7j V. 9 MZ]ZMF. 12 GUURETOOS
P, corr m. rec.  13. doe dov( V. KA T4 P. 14 KM
ovppetedg dom V.  tdiv] (alt) om.b. 15 0v.] (prius) dorey P.
17. 9nd] and F.  20. tov K4P. 21. NM] MN be. 22.
KAl NK? P. MNTF. «g — 23. iy XM] punctis del. V.
23. MN] NM V. dovlv] om. V. MN|NMV. 24
ané — 25. t®] mg, m. 1 P.
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ovpustee avryy Owwgel, vy M éoe tis MZ psifov
dvverer 16 dwd ovupéreov Savrf. xal ovderiga TV
I'M, MZ evupctods éote unxer vfj exnewpdvy ¢nrij ©h
T4 7 gga I'Z amorour) éove Tolvy.

To dpa amd uéomg amovousjs dsvrépus mepa Gy
nagafuilduevoy mAdrog mousl amotouny Teltny' Gmsg
E0a dcibou.

’

0.

To amo éAd6oovog mwaga OnTyv magefalii-
pEvoy mAdrog woLel dmOTOUT Y TETAQTNY.

"Eoto éidoowv 1) AB, ¢y 0t 5§ I'd, xal ©6 dmd
rijs AB l6ov maga gnriy v I'd wmegafefiicde o
T'E mhdrog mowovw v I'Z* Aéyw, bvv ) I'Z amorous
ot Tereor)

"Eote yep v AB mgooapuofovea § BH' of dgu
AH, HB dvvdpce eloly qovupsror morovoar to uiv
ovyxelusvov éx tov amd vév AH, HB verpayavay
$nrov, vo 0t dig Uwd tév AH, HB péoov. xal v
udv and tjs AH loov mege iy I'd mogafsfiiedo
76 I'® miavog mowovy v 'K, ©¢ 0% and vijg BH
ioov 1o KA mhdvog mowovv iy KM* 8lov dga 7o
I'A igov é61l toig dmo tov AH, HB. xoal éove 10
ovyxsiuevoy éx tdv and tov AH, HB qrdv: ¢nrov
doa dotl xel vo I'd. xal mage dnryy iy I'd megd-
xeizer mldrog mowovy vy I'M- qvy) &pa xel §§ T'M
xoal ovppergos 15 I'd wijxse. xel éwel Sdov ©o I'd
ioov é67l voig dmo v AH, HB, av ©6 I'E lsov etl

1. ovpuereoy P,  MZ) ZM P. 3. pyued] om. b.
dotiv P. 5. 1t6jcorr. exzog m. 2 F. dad]lm. 2 F. e
éntiy] mg.m.2V. 6. Gwep £0er Seifon] om. BFVb, comp.

R e
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I'M? excedit MZ® quadrato rectae sibi commensura-
bilis. et neutra rectarum I'M, M Z rationali propositae
I' 4 longitudine commensurabilis est. itaque I'Z apo-
tome est tertia [deff. tert. 3].

Ergo quadratum mediae apotomes secundae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demomstrandum.

C.

Quadratum minoris rectae rationali adplicatum lati-
tudinem efficit apotomen quartam.

Sit 4B minor, I'4 autem rationalis, et quadrato
AB? aequale rationali I'4 adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z apotomen quartam esse.

nam B H rectae 4B congruens sit. itaque 4H, HB
potentia incommensurabiles sunt efficientes 4H*-{ HB®

y gy rationale, 24H><HB autem me-

l —1 dium [prop. LXXVI]. et qua-
' 2 _NK M drato AH? aequale rectae I'A
adplicetur I'@ latitudinem effi-
ciens I'K, et K. 4= BH? latitu-
dinem efficiens KX M. itaque totum
I'd= AH® 4 HB®: et AH® | HB?* rationale est.
quare etiam I'A4 rationale est. et rationali I'4 ad-
plicatum est latitudinem efficiens I'M. itaque I'M
rationalis est et rectae I'4 longitudine commensura-
bilis [prop. XX]. et quoniam totum I'4 = 4H*-| HB?,

11. #doowy] - inras. m. 1 P. 14, douv P.  mercery
doviv V. 15, yéplm. 2 F. 16, HB] supra ser. m. 1 P,

19. pév] om. V. 21. KM] 'K b. 25. xal] om. Fb,
doriv V.
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"t@ amd vijs AB, Aowwév Gga to Z.A leov éori 1 Olg

10

15

20

25

ond tév AH, HB. retwioBo ovv ) ZM diye xeve
70 N onueiov, xel fydo Oa vou N omorépe tdv I'd,
M A magddinios 3y NE énxdregov doa tév 25, NA
foov dotl ¢ vmo tév AH, HB. xol émel v dig vmod
tév AH, HB péoov éotl xal éovwv icov vg Z A, xol
10 Z A édgo péoov éotiv. wal mage nryy Ty ZE
waoxettar whitog mowotv Ty ZM: gyvy doa Zoviv
N ZM xol aovupsrgog v I'd wijner. xal émel to udv
ovyxslusvov éx tov dnd tvév AH, HB §nrdv Zotw,
70 0% dlg vmo rév AH, HB uéoov, aevpucrpa [&pa]
éorl & dno tév AH, HB 76 dlg vmd tév AH, HB.
toov 0¢ [éori] ©0 I'A zolg and tov 4AH, HB, ©j 0}
dlg vmo rov AH, HB icov tvo ZA* acvuustgov dou
[éoti] 20 T'4 v ZA. og 0% o I'd medg vo Z A,
oftwg éotly 1 T'M mpdg iy MZ' dcvduuscrgog &oo
dorlv §) I'M v} MZ psjxer. wel &l dugorspor $yral:
of doe I'M, MZ ¢$yral slow dvvdus uévov evuucrgos
amorous deo Zotlv 7 I'Z.

Aéyaw [07], 01t xal revdory.

’Enel yag of AH, HB dvvdus slolv devuusroorl,
dovupergov &oo xel ©o awo vig AH vé amo vig HB.
xol dove 16 pdv and vijg AH loov 76 I'®, ¢ 0% dmo
tijgc HB Ioov ©0 K A' devuuergoy doa éotl 76 I'O 16
KA. ag 0t ©6 '@ mgog ©d K A, ovrwg éotiv 9§ 'K
wpds Ty KM" devuuergos dpa ovlv § T'K ©ff KM
wixer. xal énel tdv emo rov AH, HB péoov dvd-
Aoydv éovi v0 Umo vov AH, HB, xal éotwv IGov ©o
udy and vig AH v 'O, vd 0t amd vijg HB 5 K 4,

1, 16] (alt) zdv P. 2. odw] odv xaf P. 8. Tod N
onuelov V. 5. tév] om. P. 6. ©¢] corr. ex 76 m. 1 B.
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quorum I'E = 4 B? erit reliquum ZA4=2A4H><HB
[II, 7]. iam ZM in puncto N in duas partes aequales
secetur, et per N utrique I'd, M.A parallela ducatur
NE. itaque Z5 = N4 = 4AH > HB. et quoniam
2 AH>< HB medium est et 2 4 H>< HB = Z A, etiam
Z 4 medium est. et rectae rationali ZE adplicatum
est latitudinem efficiens Z M. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam 4 H2- HB®rationale est,2 4H>< HB
autem medium, 4H? | HB® et 2 4H>< HB incom-
mensurabilia sunt. werum I'd = AH?- HB? et
ZA4A=24H> HB. quare I'4, Z A incommensurabilia
sunt, est autem I'd:ZA=TM:MZ [V], 1]. quare
I'M, MZ longitudine incommensurabiles sunt [prop.
XI]. et utraque rationalis est. itaque I'M, MZ ra-
tionales sunt potentia tantum commensurabiles. ergo
I'Z apotome est [prop. LXXIII].

Tam dico, eandem quartam esse. nam quoniam
AH, HB potentia incommensurabiles sunt, etiam 4 H?
et HB?! incommensurabilia sunt. et I'O = 4H?
KA=HB: quare I'®, KA incommensurabilia sunt.
uverum I'@: KA=TK:KM [VI, 1]. itaque I'K, KM
longitudine incommensurabiles sunt [prop. XI]. et

7. dot PBV, comp. Fb.  10. f6v: PBV, comp. Fb.- 11,
Goej om. P.  13. 0’ b.  éom] om. P.  14. z6] corr. ex
7o m. 1 F. 15, dor/{]) om. P. " z6] in ras. m. 1 P. Supra
I'A 7¢ ras. est in V. ~ I'd] ZAP." ZA] T4 P. 16. meos
wiw] tj P. ZMTF. dodppsteos — 17. MZ] om. P.  20.
87) om. FVb, m. 2 B.  22. &oa] dore V. HB] corr. ex
BHm. 2V. 23 z6]corr.exzé m.1F. 26 I'K] KI'P.

27. pire] mg. m. 2 V, 28. 76] (alt) =6 PV. 29. uév)
om. V. 5] w6 PetV,corrm.i. 6} P. 6] 76 P.

Supra K4 add. N m. 1 b.

Fuclides, edd. Heiberg et Menge. ITL 21
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70 6% vwd vév 4H, HB v NA, tév dge I'O, K A
uéoov avdaioyov éore v6 NA' &otw doa ag 10 I'O
nog 10 NA, olrwg 10 NA mgog ©0 KA. ald’ dg
utv v I'® meds v6 N A, otrag éoriv ) T'K mgog v
5 NM, ag 0 16 NA mgog ©0 K 4, olrwg dotiv y NM
meog v KM' g dpa v I'K medg ty MN, otrag
dotlv ) MN mgog wyv KM: 1o &pe Umd tév I'K,
KM leov dovl v and vijg MN, vovréor. vd tevdgro
uéoer vov dml vijs ZM. émsl ovv dvo ebPslos Fvigol
10 elow af T'M, MZ, xel v6) terdro ufost vov amd g
MZ loov maga v I'M napaféinrar éAstwov &lds
rergaydve vl vmwo védv 'K, KM xal &l actpperon
avriy Swugel, 7 &g I'M vig MZ usitov dvvarar v
and aovuuérgov éavrij. xal domv 8y v I'M ovu-
15 pergog pnxer Ty xuneipdvy ¢y vij T4 n doa I'Z
amorour] &ovi Terdory.
To ago amd éAaoeovos xal ve &Evg.

oa’.

To amo tig pera ¢nrov uédov td Glow

20 ToL0VENS wage ONTY wagafalldusvov widrog
movel amorounyy wéumryw.

"Eote 7 pere dnrod péoov 7o 6lov mowovee 1 AB,
¢nen 0t ) I'd, nal v dmd viig AB loov maga Ty
I'd magafeflijofo 160 TE midvog mowovv gy I'Z:

26 Adyw, 0t § I'Z dmovous] éove méumry.
"Eote yag tf) AB mgogapudfovee § BH' af doe

1, 9md] corr. ex dnd V.  zdy] (alt) =g b. 3. NA

AN F. otrwg — 4. NA4] mg. m. 2 B. 3KA]KA F.
4. ué
o

év] om. V. éw(v m. 2 F. 6. dg] xel &¢ b, mg. V.
dooe — 7. iy K M] mg. 6. zij»] (alt.) z¢ p. 8. NMP.
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quoniam 4 H>< HB inter 4H?, HB? medium est pro-
portionale [prop. XXIlemma], et 4H?*=10, HB*=K 4,
AH>< HB = N 4, inter I'®, K4 medium proportio-
nale est N4. itague I'O: N4 = NA:KA. uerum
I'®:NA=TK:NM, NA:KA=NM:KM [V, 1].
itaque I'K: MN=MN:KM. quare I'K>< KM= MN?
[VI, 17] =4 ZM?* iam quoniam sunt duae rectae
inaequales I'M, MZ, et $+ MZ? aequale rectae I'M
adplicatum est 'K >< KM figura quadrata deficiens et
eam in partes incommensurabiles diuidit, I'M? excedit
MZ? quadrato rectae sibi incommensurabilis [prop.
XVIH]. et tota I'M rationali propositae I'4 com-
mensurabilis est longitudine. itaque I'Z apotome est
quarta [deff, tert. 4].
Ergo quadratum minoris, et quae sequuntur.

CL

Quadratum rectae cum rationali totum medium
efficientis rectae rationali adplicatum latitudinem efficit
apotomen quintam.

Sit 4B recta cum rationali totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z, dico, I'Z
apotomen quintam esse.

nam BH rectae 4B congruens sit. itaque rectae

10, el t6) 766 66 FV. vod] m. 2 F. 12. 2] 7 b. 14.
ovpudreov Pb et V, sed corr. fouiy] om. V o. 18. papxee]
b V. 17. ual T eéng] woQe Q‘I]‘tﬂ‘v quaﬁallopwov nhdzog
mowel dmotzouny 1&1«91:1)11 Theon (BF VD). 22. %] (prius)
om. V. 28. dnvij — ABl mg. m. 1 P. z4] e corr. P. 24,
T4] AT F. I'Z] corr. ex I'd P. 26. I'Z] ZT e corr. V,
AT . 26. yog] m. 2 F.

21%
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AH, HB e0d¢iar dvvduer sloly acvppsrgor moovoar
70 udv ovpxeipevov éx rév am’ TGy TETQEYBVOY
uéoov, to6 0t dlg vm’ alvév Gnrov. xal v udv dmo
rijs AH loov maga vy I'd magafeplijode 10 I'6,
1 0t dmd tijig HB loov ©o KA° Ghov &pa v6 I'A
loov Zotl tolg and tov AH, HB., ©o 0% cvynsiusvov
éx tov amd 16v AH, HB Gua péoov dovlv: uéoov
doa éotl vo I'd. nel maga $nriy v I'd mopdxsirar
whdrog mowovv Ty I'M: ¢qry doo fovlv ) I'M xal
aovuuergog v I'd. xal émel odov ©o I'd loov éoti
voig dnd tv AH, HB, ov 10 I'E i6ov Zotl v6 dmwd
tiic AB, Aomdv doa o ZA loov fovl v Olg Dmod
vév AH, HB. vetuijodw ovv v ZM dlye xexe 1o N,
xal 3P0 Owx Tod N omorépe tav I'd, MA mepdl-
Andog § NE' éxdrvegov dga tav Z5, NA loov fotl
16 Vwd vov AH, HB. xal énel ©o dlg omd vidv AH,
HB ¢nrév dove xal [éovwv] loov v6 Z.A, ¢nrov doa
éorl 10 ZA. wol maga Sy iy EZ magdxsivar
mhdrog mwowoty Ty ZM' Gy dpa dotly ) ZM xel
ovpucrgos v I'd pixer. xal émel v ptv I'A péeov
éotiv, v0 0t Z A $nvdv, acvpuctgov dpe dorl vo I'A
16 ZA. &g 0% 10 I'd meog vd ZA, otrawg § I'M
wpog iy MZ- devpuscrgog dpa dotlv vy I'M v MZ
pixe. xel elow augorspar $nrel” of dga I'M, MZ
¢nral el6e Ovvapss uovov evuppetgor’ dmorouy doo
éoriv 1 I'Z.

] v . Post 84 ras. 2 litt. V. HB] mut.
inABm.2F,mra.sV T4} 4 in ras. m. 1 P, corr. ex
AB. 8. 76 04 — 7. dno ti¥] te Ot amo e V. 7. éoriy
ot PB, comp. FV; elvar V, supra ser. éoze m. 1. 8. FA}
mut. in A'm. 1 F 9. TM] T'H ¢. ] én- om. @.

11. TE] BA B. 18. o%v} om. V. 14, xa{ — N] supra
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AH, HB potentia incommensurabiles sunt efficientes
summam quadratorum mediam, duplum autem rectan-
gulum rationale [prop. LXXVII].
et rectae I'4 adplicetur '@ = AH?,

r Z N KM
: [
=== . 1taque um
|| K4=HB. itaque tot

4 E & Oz I'd= AH® + HB%
S |erum AH? 4 HB* medium est;

itaque etiam I'4 medium est. et
rationali I'4 adplicatum est latitudinem efficiens I'M.
itaque I'M rationalis est et rectae I'J incommensu-
rabilis [prop. XXII]. et quoniam I'4 = A H®+ HB
quorum I'E = A4 B?, erit reliquum ZA=24H><HB
(I, 7). iam ZM in N in duas partes aequales secetur,
et per N utrique IS4, M4 parallela ducatur N,
quare ZE=NAd=A4H><HB. et quoniam 2 4H><HB
rationale est, et 2 4 H>< HB = Z 4, Z A rationale est.
et rationali EZ adplicatum est latitudinem efficiens
ZM. itaque ZM rationalis est et rectae I'd longi-
tudine commensurabilis [prop. XX]. et quoniam I'4
medium est, Z 4 autem rationale, I'4 et Z 4 incom-
nmensurabilia sunt. est autem I'd:Z A =TM: MZ
[VI, 1). quare I'M, MZ longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tantum commen-

scr. m, 1 P 17. Zemv] om. P. 24) Z (uel £) corr,
ex NV, item lin, 18. 18. EZ] ecorr m. 1 V. 19.ZM
(alt) ZH b.  20. acvupereos B, supra o ras. estin V. I'A
corr. ex I'Z b; T'Z V, Z eras. 21, Zotlv] dori PBFV,
comp. b.  28. mjy]) 6 V.  dauiv] dorl wal Vop. 24, T'M,
MZ &ea V
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Aéya 81, ovv xal méumwry.

‘Ouolwg pag delbousv, 61t 16 vmo tdv KM leov
dorl ve amd vijs NM, rovréer. 1 rerdere pfoe tov
amd viig ZM. xal émel aovuperpdv fote TO amd Tijg
AH ¢ emd vig HB, loov 6% vd udv amd vijg AH
19 I'®, 10 0t and tiig HB v KA, dovpusrpov doa
0 I'® v KA. &g 6 vo I'® mgog 0 K A, otrwg 1
T'K mpos v KM* daedpuergog dpa y I'K =fj KM
urxee. émel ovv dvo edPelaw Gvidol elowr of T'M, MZ,
xel Te vevdpre ufpst Tov and vig ZM loov maga Tnv
I'M mapaféPinrar éAdcimov &ldse vevgayove xal &ls
aevpueroe aveyy dwmpel, % &oa I'M vijg MZ usitov
dtvarar 6 amd aovppiroov favrf. xal doviv 4 moo-
agudfovee 7 ZM ovpucrgog tfj Sxxeuévy fyrj vy I'd:
7 dpa I'Z amovour éov méumen' Omep £dsu Octkou.

[ 4
ef’.

To dmd tiig pera uédov pédov 10 GAow
moLovong mapa ¢nrRv magafarioucvov midrog
woisl amorouny ExT.

"Eore 1 psve pioov uédov tvd SAov mowovea 7 AB,
¢ty 0t ) I'd, xal ©é amd vijg AB loov moga vy
I'd nmapafefiiodw 0 T'E midvog mowotv wyw I'Z:
Aéyw, 6te ) I'Z amovows doviv &xun.

*Eoro pag tf) AB mgocagudfovox 7 BH' of doa
AH, HB dvvdus slolv aovpuctgor motovoar 16 &
cvyxslusvov éx tev ax’ alrdv TeTgaydvay pésov xel

1. 67}]) m2F. 2 I'K,KMFV. 4 2m]omVop. 5.
AH] (alt) 4 ecorr. F. 6. I'0] @ in ras. m. 1 P. 8. =y
om. P, KM]I'MPetBinras. & dotiv Vo. KM
I'MPetinras. B. 9. #loe P, corr. m. 1. 10. ZM] MZ
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Jam dico, eandem quintam esse. nam similiter
demonstrabimus, esse 'K >X KM= NM*=41ZM> ot
quoniam A4 H% HB? incommensurabilia sunt, et 4 H?
=TI®, HB* = K4, I'® et K4 incommensurabilia
sunt. est autem I'@: KA = T'K:KM [V], 1]. quare
'K, KM longitudine incommensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et $+ZM? aequale rectae I'M adplicatum est
spatium figura quadrata deficiens et eam in partes
incommensurabiles diuidit, I'M?* excedit MZ? quadrato
rectae sibi incommensurabilis [prop. XVIII]. et con-
gruens ZM rationali propositae I'4 commensura-
bilis est.

Ergo I'Z apotome est quinta [deff. tert. 5]; quod
erat demonstrandum. -

CIL

Quadratum rectae cum medio totum medium effi-
cientis rectae rationali adplicatum latitudinem efficit
apotomen sextam.

Sit 4B recta cum medio totum medium efficiens,
I'4 autem rationalis, et quadrato .4 B® aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z., dico,
I'Z apotomen sextam esse.

nam BH rectae 4B congruens sit. itaque A H,
HB potentia incommensurabiles sunt efficientes sum-

P, et V (?), sed corr. m. 1. 18 fovrfj piner V. 14. ZM]
MZ P, 16. Gmeo #de: deifo] om. BF Vh. In hac pag.
et sequenti multi loci euan. in F.~ 21 moe] magd 551111]:: Vo.

Tiv] supra scr. m, 1 V. 22, mjy] 7p b. 24, apuofovow,
supra scr. mgos m. 1, F, HB P. 26. Post HB ras. 5
litt. V. Supra z¢ scr. gév m. 1 b,
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70 0lg vmd v AH, HB péoov xal devuusrgov ta
ano tév AH, HB v¢ dlg vmé vév AH, HB. nega-
Bepiredm oty maga Ty I'd ©¢ plv dmd vig AH
loov v I'® mldrog mowotv iy 'K, vj 0% awo zijg

5 BH 10 K A" Glov doe vod I'A icov dotl roly amd tov
AH, HB" uéoov doa {éovl] xal vo I'd. xal mogo
ey vy I'd magdxsivon mddrog moovy vy I'M:
¢nry doa doviy ) I'M nal aevuuetpog v I'd wixse.
énel ovv to I'd Ilgov éorl voig émd vdv AH, HB,

10 ov vd T'E i6ov ¢ and wijg AB, doumbdv tea v0 Z A
loov dotl t6 Olg vmd tév AH, HB. xal éov. vo dlg
vwd vév AH, HB péoov: xal 1o Z A dpa yéeov deriv.
xal moage ¢nrny vy ZE magdxsivar mAdrog moLotv
py ZM: fnoy dge dotly 5y ZM xal Gevppcrgog ti

16 I'd wijxer. xal émel ve dno vov A H, HB davuucrod
doti 5 Olg vmo védv A H, HB, xal dov. voig udv dmo
vdv AH, HB i6ov ©0 I'd, t¢ 8t dlg vmd ©dv AH,
HB loov 6 Z A, doduustgov &pa [éotl] ©6 I'd 16
ZA4. og ® 16 I'4 mgdg 6 Z A, otrwg éotlv ) I'M

20 meog Ty MZ- acvuuscroog dga éovlv § I'M ©f} MZ
pijxee. xal slow duporegar fnvel. of I'M, MZ é&pa
dnral &lor dvvduer pdvov ovuuergor’ dmorous doa
éotlv 3 I'Z.

Aéyw 87, Ot xal Exry.

o5  'Emel yag ©0 Z A loov éorl 793 dlg vmwd taov AH,
HB, reruijodo 8lya 7 ZM xatd 16 N, xal 390 dic
100 N tf) I'd magdiindog 7 N5 éndvegov doo tdv

1. y.so'ov] $neov F.  xal] xal &0 V, & 8¢ BFD. dovy-
peTow BFVb. ta v P. 5, Post K4 add. mAdTog TWOLODY
)y KM m 6. éor] om. P. 8. dovlv] doz) xel V.

10. foov go‘tl Vq: 6] ¢ ¢. 11, domt) ylverar V. Ol
corr. ex &/ m. 2 P, 12, 4ot{ PBV, comp. Fbh.,  16. 7ois
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r z N x M mam quadratorom mediam et
2 AH><HB wedium et 4H*+HB?,
2 AH >< HB incommensurabilia
| ., [prop. LXXVIII]. iam rectae I'd
4 B H  adplicetur I'® = 4 H* latitu-
dinem efficiens I'K et KA = BH® itaque totum
I'd = AH® + HB? quare etiam I'4 medium est.
et rationali I'4 adplicatum est latitudinem efficiens
I'M. itaque I'M rationalis est et rectae I'4 longi-
tudine incommensurabilis [prop. XXII]. iam quoniam
I'd= 4H?+ HB? quorum I'E = 4 B? erit reliquum
ZA=2A4AH>< HB [II, 7]. et 2 4H> HB medium
est. quare etiam Z .4 medium est. et rationali ZE
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'd longitudine incommensu-
rabilis [prop. XXII]. et quoniam A4H® -4 HB?
2 AH >< HB incommensurabilia sunt, et
I'd = AH® 4+ HB?, ZA =2 AH >< HB,
I'd et Z A incommensurabilia sunt. est autem [VI, 1]
IF'd:Z4=TIM:MZ. quare I'M, MZ longitudine
incommensurabiles sunt [prop. XI]. et utraque ratio-
nalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXIII].
Iam dico, eandem sextam esse. nam quoniam est
ZA=2A4AH>< HB, recta ZM in N in duas partes
aequales secetur, et per N rectae I'd parallela du-

d E 560 4

¢ V. dxo tév] om. P.  17. I'4 — 18. loov £6] om. b.

18. dor{] ow. P.  19. z¢] (alt.) om. P. 2 4] corr. ex
Z4? F.  20. mjpp] om. P. ~ MZ] in ras. V. = MZ] corr.
ex ZM V. 21, dea] om. V. 22. tlow P, éony apa B.
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ZE, N4 loov éoti ve vmd tov AH, HB. xal énel
of AH, HB dvvdue &loly dovpuergor, dovupergov
oo dorl ©o ano vig AH v amd vijg HB. dide tg
utv amd wjg AH ldov dovl v0 I'®, ©é O amd
tijgc HB loov é6rl v0 KA' aovuusroov dga éotl ©o
I'o z6 KA. g 6% vo I'@ meds vo K A, otrag oty
9 T'K mods iy KM* aevuusrgog &pa éotiv ) 'K
i KM. xal énsl tév and tév AH, HB péoov dvd-
Aoydv éovi T0 vmd tév A H, HB, xai éovc 16 pdv amod
vijg AH loov vo I'®, ©é O} and vijg HB leov 10 K 4,
té 0% Umd tév AH, HB lgov ©0 N, xal tov dga
I'®, KA péoov aviioyov éoti w6 NA' Eeviv doa dig
10 I'® modg 10 N4, ottwg 160 NA medg 10 KA. xel
ot te avre 9§ I'M vig MZ peifov dvveros ve dwo
acvpudrgov favrf. xal ovderépe avrdv ovpusreds
dore vfj éuxsudvy Onrij v T4 § I'Z dge dmorous]
dotey Ewvy” Omep €de deikor.

74
‘H vf} amorouf] uixet CUuuETQos dmorTous
dote xal tvf rafer 1 adri
"Eoteo amotoun ) AB, xol tij AB wixst 6uusrgog
forw 7 I'd" Adyo, 8ve xal 9y I'A amorour] éote xal
vy vefe. 1 avry v AB.
’Enel yop dmovour] éotwv 5 AB, éore avri meoo-

2. slol ovppereor b. 4. 78 dmo Tijs re P 6. o%/]
om, V. 6. 7¢] corr. ex 76 m. 2 P, 8. dmd zév] om. P;
vno tow supra fcr. « m. 1 b; dmwo t(o‘l' ins. m. 2 F. 11, o
0% omé — NA) mg. m.2V. 3] V. AH] Hecorr V.

ooy dor/ P." 12. NA] N b. = 18. N 4] (prius) 4, supra
add. Nm. 2, F. 14, 7 wura] corr. ex zavra V. MZ)
corr. ex ZM V. 15, dovupéreov) corr. ex cvuuérgov m. 2 B.
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catur NJ&. itaque Z5==NAd=AH><HB. et quoniam
AH, HB potentia incommensurabiles sunt, 4H?® et
HB? incommensurabilia sunt. est autem I'® = 4 H?,
KA=HB quare I'O, KA incommensurabilia sunt.
est autem I'@: KA =TK:KM [V], 1]. itaque I'K,
KM incommensurabiles sunt [prop. XIJ. et quoniam
AH>< HB medium est proportionale inter 4 H® et
HB? [prop. XXI lemma}, et I'® = 4 H?, KA = HBE},
NA = 4H>< HB, etiam N 4 medium est proportionale
inter I'®, KA. itaque I'@: NA = NA:K 4. et eadem
de causa [cfr. p. 326, 9 sq.] I'M? excedit MZ? qua-
drato rectae sibi incommensurabilis [prop. XVIII]. et
neutra earum rationali propositae I'd commensura-
bilis est.

Ergo I'Z apotome est sexta [deff. tert. 6]; quod
erat demonstrandum.?)

CIIL

Recta apotomae longitudine commensurabilis apo-
tome est et ordine eadem.

Sit 4B apotome, et rectae 4B longitudine com-
mensurabilis sit I'4. dico, I'4 quoque apotomen esse
et ordine eandem ac A4B.

nam quoniam A B apotome est, BE ei congruens

—
L
—

1) In B figura haec est deinde in mg.

adiicitur uera addito é» dile.
]

16. I'd] 4 in ras. m, 1 . 17. Oneq £3st 8eifor] comp. P,
om. BFVb. 21. ovupsreos Form pixee BFDb. 23. 5] m.
2 P 24. mooowoudfovoe forw vty V.  adrj i Fb.
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aguobovea § BE' af AE, EB dga ¢nroi &lov dvvauee
udvov ovuusrgor. xal vd viig AB medg iy I'd Adye
0 avrdg ysyovérw O tijg BE moog iy AZ* xal og
8y &ga moog &v, mivta [éerl] mpds wdvra® E6Tiv doa
xal og 8An § AE mpos 8Aqy vy I'Z, otrwg 7% AB
neog v I'd. ovpuergog 6% v AB vfj I'd prjxse-
ovupcroog oo xal §) AE pkv tif I'Z, % 0% BE vij
AZ. xal af AE, EB ¢nral elor dvvapst udvov ovu-
uergor xel af T'Z, Z A &g §yrel slor dvvdpe wévov
ovuuergor [amorour &pa éotlv 4 I'4d.

Aéyw 81, 8re xal T vake 7 adTy v AB).

"Enel ovv éovwv dg 7 AE meos v I'Z, oftwg 7
BE moég iy AZ, évadiat dpa éotlv og 7 AE meog
v EB, otrwg ) I'Z meos ty Zd. #ror 0y ) AE
vijg EB uetfov Ovvarar 16 dmd ovupsrgov Savry 7
16 dno aovuuérgov. & ulv ovv 5 AE viig EB psttov
dvvaras T dmd ovppiroov favtil, xel § I'Z vijg ZA4
petlov Ovvioerar te dmd ovppdrgov Savry. xel &
udv oVpusteds dotiv 1) AE tfj éxxsiudvy Onri piixe,
nel §) I'Z, & 0% 7y BE, nal v AZ, & 0t ovderépn
tév AE, EB, nal ovdsrége tav I'Z, Z4. & 6% q
AE [tig EB] uéifov dvverar tp dmo dovupéroov
favef), nal 9§ I'Z vijg ZA peifov dvmjestar 76 amo
aevpuéroov éavrfl. xal & utv ovuuergds fotiv 1 AE
vij éxnepdvy vy wixet, xeal v I'Z, & 8% v BE, xal

1.5 BE] ovty 7 EB ¢. AE] om. (p, 4B. 3. o] (prius)
om. 9. dZ]) Z4B. 4 fatl] om. P.  fonw doe] om.
Vo. 6. 8indea V. 7. doa] &ox iarl Vo (del. V). " xaf]
om. . piv AE Vo (post AE hab. pév ). BE 6¢ BFb.

tjj] supra ser. Vm. 1. 8. 4Z] Z4 BF.  aal cxf] nol
eloww of V, of 8¢ B. elm 10. emorowrj — 11.

AB] om. P, 12. ov¥] l‘heon (BFVb) AE]} corr. ex
EA V. 13. vj»] om. B, m 2F. Z4F. o] om. V.
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sit. itaque A4 E, EB rationales sunt potentia tantum

4 B E commensurabiles [prop. LXXIII].
'/  fiat BE:dZ=AB:I'4 [V], 12].
r 4 Z quare etiam ut unum ad unum,
ita omnia ad omnia [V,12]. itaque AE:I'Z = AB:I'"4.
uerum 4B, I'd longitudine commensurabiles sunt.
itaque etiam 4E, I'Z et BE, 4Z commensurabiles
sunt [prop. XI]. uerum AE, EB rationales sunt po-
tentia tantum commensurabiles. itaque etiam I'Z,
Z 4 rationales sunt potentia tantum commensurabiles
[prop. XIII].

Tam quoniam est 4E:I'Z=BE:A4Z, permutando
[V,16] est AE:EB=TZ:Z 4. AE?® igitur EB® ex-
cedit quadrato rectae aut sibi commensurabilis ant
incommensurabilis. iam si 4 E? excedit EB* quadrato
rectae sibi commensurabilis, etiam I'Z? excedet Z 4%
quadrato rectae sibi commensurabilis [prop. XIV]. et
sine AE rationali propositae longitudine commensu-
rabilis est, etiam I'Z ei commensurabilis est [prop.
XII], siuve BE, etiam A4Z [id.], siue neutra rectarum
AE, EB, etiam neutra rectarum I'Z, Z 4 [prop. XIII].
sin 4E? excedit quadrato rectae sibi incommensura-
bilis, etiam I'Z% excedet Z4? quadrato rectae sibi
incommensurabilis {prop. XIV]. et siue 4E rationali
propositae longitudine commensurabilis est, etiam I'Z

14. 87) om. P, 8¢ BV. 16. z6] corr. ex zov m. 2P 16
Ante &f ins. %o (@ m.2F slj e corr, V. 17, a«wyyszoov
B, corr. m. 2; &- supra add. m. 2 F. ti¢] zfe F. 18.
ucvpyézqov B, et F, sed corr. 19. 4E] 4O e corr. F. 20,
rzlzr F. 21 o'vd‘etepa 0v8srépa P. ~ 22, ziis EB] mg. m.
1 P. @8vwarac] supra add. nos m. 2 F, d‘wqaemt b. ovp-
pérgov P, corr. m. 1.  23. zijs] corr. ex 77 V.
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% AZ, & 0t ovderége vév AE, EB, ovderépa thv
rz, z4.

‘Amovouy) &pa éotlv ) I'd xal v tafe 3 abry T
AB* omeg Eder Octou.

6 00’

‘H ty uéong emorouf] ovuusrgog uéons émo-
rour €0t xal vy vafer 1 adrif

"Eotw uéong damovouy % AB, xal vij AB pijne
ovupcrgog éorw 1) I'd Aéym, Ove xal § I'd uéong

10 dmotous] éove xal vij vafe 7 advy v AB.

‘Emsl yoo péong dmorour detiv 9 AB, fore avri
npooapudtovex ) EB. of AE, EB &pa uécar &lol
dvvdps, udvov evpuctgor. xal yeyovére ag 1) AB
npog v I'd, otnwg 1) BE mpds v A4Z° ovpuergos

15 dpe (o7l xal 7) AE vij I'Z, 7 0t BE vf) AZ. of 8}
AE, EB uéoou elol dvvapse povov ovuuergor: xal al
T'Z, Z4 &po péear elal dvvdus pdévov ovpuergol’
uéong dou dmovops] éoww 7 I'd.

Aéyw 01), Ovv xal vij viker éotly 7; avry vff 4B.

20 Emel [pde] éonwv ag | AE mpds vy EB, ovrog
9 I'Z mgdg wqv ZA [dAX &g plv % AE moos v
EB, otrwg 10 ano zijs AE mpog v0 vnd vév AE, EB,

1. 0ddsrépa] (alt.) 000} 0vderége BV b; 0664 m. 2 add. F, sed
euan. 3.7j AB{om. F. 4.8meq #dee deio] comp. Pb,om. BV.
6. uéoy BFVb, péon BV, et F, corr. m. 2.  dmovoudjs b
(o supra add. F m. 2). 7. douv P. 8. péon BFDb, et V
(o fuit add. m. 2, sed eras.). mijxee] m. 2 B, om. FVb. 9.
1éym 87 V. péon B, et F supra add. ¢ m. 2; in V add. ¢
m. 2, sed eras. 10, ozt P. 11 péon B.  odzfi] 7 V,
bt 7 Fb, 12. %) adzj 4 V. AE] E4 BFb. elolv B.
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ei commensurabilis est, siue BE, etiam 4Z [prop. XII],
siue neutra rectarum AE, EB, neutra rectarum I'Z,
Z 4 [prop. XIII).

Ergo I'4 apotome est [prop. LXXIII] et ordine
eadem ac 4B [deff. tert. 1—6]; quod erat demon-
strandum.

CIV.

Recta mediae apotomae commensurabilis mediae
apotome est et ordine eadem.
4 T Sit 4B mediae apotome, et rectae 4B
longitudine commensurabilis sit I'd. dico,
J etiam I'4 mediae apotomen esse et ordine
| L eandem ac 4B.
L nam quoniam 4B mediae apotome est,
sit EB ei congruens, itaque 4E, EB mediae
"2 sunt potentia tantum commensurabiles [prop.
LXXIV—LXXYV). et fiat [V], 12] 4B: I'd = BE: AZ.
itaque etiam AE, I'Z et BE, 4Z commensurabilas
sunt [V, 12; prop. XI]. uerum A4E, EB mediae sunt
potentia tantum commensurabiles. itaque etiam I'Z
Z 4 mediae sunt [prop. XXIII] potentia tantum com-
mensurabiles [prop. XIII]. ergo I'd mediae est apo-
tome [prop. LXXIV —LXXYV].
Jam dico, eam ordine quoque eandem esse ac 4 B.

14. odtwg — dZng m, 1P ;l corr.exom. 2V, 15,

éozi] om. P, dozly AE] AE pév BFb, 16, nal — 117.

a'vmbsroozl mg m 2B 17.TZ] Z ecorr. V. 18. yéan B.
gmorouns V. 19. 1éyw] dsixréov Theon (BFVh), 615]

corr. ex 8¢ 6= m. 1 F; 0 V.  fotiv] om. Theon (BF V).
20. yde] om. P. ovtamg foriv F. 21. mjv] om. BFb.
@i’ — p. 886, 2. Z4] om. P.
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g 6t 9y I'Z moog oy Zd, otrwg ©d anod tijg I'Z
7og o Umd rov I'Z, ZA), éovwv dpa xal og 10 dmo
tijs AE mpog 1y vmd v AE, EB, otreg 10 dmo
tijg I'Z mpdsg ©0 vmd tov I'Z, ZA [xel évardaf o
70 amd tig AE mdg ©o amd tiig I'Z, ovrwg 70 Umo
10v AE, EB mpog 6 vnd tov I'Z, ZA4]. &vppcroov
0t 16 amo tijg AE 16 and viig I'Z* eduucroov dga
éorl xal ©0 Uwd tdv AE, EB v¢ vnd rév I'Z, Z 4.
&lte ovv ¢nréy o vo vmd v AE, EB, ¢nrov Eera
xal ©o vmo vov I'Z, Zd, &lre péoov [éorl] 1o vmd
tév AE, EB, uéoov [éotl] xal 10 vmd vov I'Z, Z 4.

Méomg dga amorowr] dorww § I'd xal ©fj vdker 7
avey 1] AB° Omep Eder Sstbou.

o',

‘H tvfj éAaceov. 6vupstgog éAddomy d6tiv.

"Eovw pap éAdocwv 1) AB xal tfj AB 6Uuusreog
7 I'd" Aéyo, 6t xal 7) I'd {ddooov foviv.

Teyovérw yag va avrd: xal éxel af AE, EB dv-
viuer eloly aevuuerol, xal of I'Z, Z A &g dvvdus:
slolv aovupergor. érwel ovv éotww ag 1) AE mpdg Ty
EB, otrwg 7§ I'Z meds v Z 4, Eorwv dpa xal og 1o
énd tijg AE mpdg v md tijg EB, otreg to émd Tig
I'Z mgds 10 ani tiig Zd. evvdévn Goe dotlv dg Tar
énd tov AE, EB mgos ©o amd vijs EB, otrwg ¢
dnd vov I'Z, Z A4 mgog 16 amd tiig Z A [xal évedrdat]

1. 'Z] (alt) ZI' F, 2. og] om. 9. 4. neld — 6. Z 4]
om. P. 6. zov] (alt) om. b. 9. KB] Binras. m. 1 P.

#otaie] dott Theon (BF VD). 10. doz¢] om. P 11, Z¢z/]
om. P.° 12 péen BVb. 13. Omep #0s1 deikar] comp. P, om.
BFVD. 16, zff] corr. inzijg m. 2 F, zfigb.  élacoov:] élacaov
F m. 1, #Adosovog b, F m. 2. Deinde del. pijxee F, “16. yag]
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quoniam est AE:EB=TIZ:Z4 [V, 12; V, 16], erit
etiam [prop. XXI lemma]
AE}: AE}X EB=T2*:TZ < Z4.

uerum A4 E* I'Z? commensurabilia sunt. itaque etiam
AE >< EB, I'Z >< ZA4 commensurabilia sunt [V, 16;
prop. XI]. siue igitur 4E>< EB rationale est, etiam
I'Z >< Z 4 rationale est [def. 4], siue 4 E>< EB me-
dium est, etiam I'Z>< Z4 medium est [prop. XXIII
coroll.].

Ergo I'd apotome est et ordine eadem ac 48
[prop. LXXIV —LXXV]; quod erat demonstrandum.

Cv.

Recta minori commensurabilis minor est.

Sit enim 4B minor et rectae 4B commensurabilis
I'4. dico, etiam I'' 4 minorem esse.
4T nam fiant eadem. et quoniam A4 E, EB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, Z4 potentia incommensurabiles
TB sunt [prop. XIII]. iam quoniam est 4E: EB

g |? =TZ:Z4 [V, 12; V, 16], erit etiam

AE*:EB?*=T1Z7%:Z 4* [V], 20 coroll.]. itaque
etiam componendo [V, 18] est '
AE* 4 EB*: EB* —T'Z 4 Z4*: Z 4

Z

om. Theon (BFVb). 17. I'd] (prins) I' e corr. m. 1 F.

doti PBV, comp. Fb. 18, adra tois medregoy V.  19.
Izl Zecorr. m. 1 b, 20. zijy] om. Bb. 21. mjy] m. 2 F.

23, Z4) 4Z B.  Zorly] supra scr. m. 1 V.  za] corr. ex
26 m. 1 V. 24, zav] zijg P.  ofzw Bb.  25. ZJ] (prius)
supra scr, m, 2 F (Z incertum est). xal dvalldt] om. P
Dein del. dg 70 and rijs BE mgog 76 amd tig 24, odrwg o
ano 1oy AE, EB meog 1a and tov I'Z, ZA4 V.

Euclides, edd. Heiberg et Menge. IIL 22
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ovVpuergov 0F €otL vo amd vijg BE o amo vijg AZ*
ovuustgov dpa xal TO ovyxslusvov éx TEY WO THY
AE, EB tergaydvov 16 ovyxaudve é tév axd thv
I'Z, Z A4 vevgayavay. ¢nrov 64 ot o cvyxelusvoy
5 éx iy ano vov AE, EB tergpayavov: (nrov dea
dotl xal vO ovyxeluevov éx vhv awo vov I'Z, ZA
revpaydvoy. mdedw, éxsl oty og 1O amo tig AE
7o 70 vmo tév AE, EB, ovtwg 0 and vijs I'Z
7eog 0 vmo védv I'Z, Z A, 6vpusrgov 0% ©o and g
10 AE vergayaovov 16 amd tig I'Z revpayove, o6vu-
uetgov dpa dotl xal to vwd tov AE, EB 16 vmo tov
T'Z, Z4. uéoov 0% to ©md vév AE, EB uéeov
doa xal to vno vév I'Z, ZA of TZ, ZA dpa dv-
vouse &loly aovppergor moroDoar 10 ulv Gvyxsluevov
15 & TéY odn’ evTdY TETEAYGVOY $nTiY, TO O Un’ avrov
pédov.
‘EMtosov dgo éotiv ) I'A* 8msgp #0s dsikou.

os’.
‘H tfj peva gnrov puédov ©o dAov morovey
20 6V pueT@og pETe §NTOv wédov vé SAov moroved
éaTuv.
"E6te pere ¢nrov pédov td OAov moiotvea § AB
xal ) AB evpusrgog v I'd' Aéyw, Svv xnal 4 T'd
peve gyrov péeov ©d GAov moioded éoTiv.
95  "Eorw yap v AB mgooagudlovea 3y BE' ol AE,
EB #pa dvvdpe slolv dovppsrgor mooveor 10 piv
cvynelusvov én tov amd tov AE, EB rerpayovov

1. douw P. 76] corr. ex 7 m. 1 F, ex zd () V. 4Z]
Zd4P. 3. -tetoayawov Pb et comp ins. m. 1 V. 4 Id,
4Z b, b, ¢nal F, sed corr. 6. fotl] elol F. 7. zo]
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uerum BE?, 4Z* commensurabilia sunt. itaque etiam
AE® 4 EB? et I'Z® 4 ZA4* commensurabilia sunt
[V, 16; prop. XI]. uerum A4E® 4 EB? rationale est
[prop. LXXVI]. itaque etiam I'Z® 4 Z.4* rationale
est [def. 4]. rursus quoniam est
AE? . AE<X EB=T2Z2*:TZ>< 24

[prop. XXI lemma], et 4 E* I'Z® commensurabilia sunt,
etiam AE >< EB, I'Z >< Z4 commensurabilia sunt.
AE>< EB autem medium est [prop. LXXVI]. quare
etiam I'Z >< ZA4 medium est [prop. XXIII coroll.].
itaque I'Z, Z 4 potentia incommensurabiles sunt effi-
cientes summam quadratorum rationalem, rectangulum
autem medium.

Ergo I'4 minor est [prop. LXXVI]; quod erat
demonstrandum.

CVL

Recta rectae cum rationali totum medium efficienti
commensurabilis recta est cum rationali totum medium
efficiens.

Sit 4 B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4. dico, etiam I'd
rectam esse cum rationali totum medium efficientem.

nam BE rectae 4 B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes 4E* | EB®

om. V, 9. Post Z4 add. xel évedldf BFb. 13, dox dorl
xef BFD. Zd] (alt) Z in ras. m. 1 B. 17. Omee 3z
8cifor] comp. P, om. BFb. De additamento in V u. app.
nr, 24, 19. ﬂotomm pijnog F. 20. Ante pera add. xel
adri BFb m. 2 V. uotovo‘a 0 Slov b, 22. motodice 76
Glov V. 24, v6 8lov péoov b. 25. BE] E e corr. m. 1 P.

29%
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uéoov, 76 & vx avrdv ¢nrév. xal T adra xovs-
oxsvaoda. Opolog 0y dsltouev vols modrsgov, Otv af
I'Z, Z4 év v6 avrd Adye slel tals AE, EB, xal
6VupsTedy éove To ovyxelusvov éx tov amd rov AE,
EB revgaydvov t¢ ovyxeudve éx tdv axd tav I'Z,
Z 4 revgaydvov, o 02 vad tév AE, EB v vmwd
tov 'Z, Z4* dove xel af I'Z, ZA4 Svvdpe sloly
REVUUETEOL TOLODOAL TO Wiy CUYXElUEvoV X TOV WO
tév I'Z, Z4 vevgaycvov pédov, 1o & vx’ alrov
nrdv.

‘H I'd dpe peve ¢nvov pédov t& GAov moiovae
doriy* Omeg E0eu Ostiar.

et’.

‘H vfj pere péeov uédov ©d GAov morovoy
6vppcrgog xal avry pere uécov yéoov vod Siov
moLovea EoTLw.

*Eore perd ulov pédov o SAov mowovea 17 AB,
xel 1) AB &ovm ovppstgos | I'd" iéyw, Ote xal 7
I'4 pera péaov péoov to BAov mowoved fomuv.

*Eotw pag tij AB mgodagudfovee 1 BE, xal te
atra xareoxevaodw' of AE, EB dpa dvvaust eloly
devuusTeoL molovoaL TG TE Oupxslusvov éx tdv ax’
wbTdY TeT@ayvoy uédov xal 10 Um altdv uédov
xel EnL dobuusTgov To Guyxelusvov & THY A avTGY
rerpaydvey T VX avrdv. xal slow, dg €0elydy,
af AE, EB eduustpor tatg I'Z, Z A, xal ©6 ovyxei-
usvov éx tév anl tév AE, EB tevgaydvov té ovy-

8. 76] e corr. V.  elolyv B. 4. o] 7o pév Bb, pév
suprascrm2F brwvl"Z—GEB]m m2B Ty
AE, EB etiam in textu sunt a m. 1). %‘ 7EQ
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4 I medium, AE >< EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
" igitur atque antea [p. 336, 20 sq.] demon-
IB strabimus, esse I'Z:ZA = AE:EB, et
iE 19 AE*4 EB’,I'Z*4Z A% ac AE>XEB,TZ><ZA4
commensurabilia esse. quare etiam I'Z, ZJ
~Z potentia incommensurabiles sunt efficientes
I'z: 4 Z 4* medivm, I'Z>< Z 4 autem rationale.
Ergo I'4 recta est cum rationali totum medium
efficiens [prop. LXXVII]; quod erat demonstrandum.

CVIL

Recta rectae cum medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est.

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'd. dico, etiam
I'4d rectam esse cum medio totum medium efficientem.
-4 -T nam BE rectae 4B congruens sit, et
eadem comparentur. itaque 4E, EB potentia
incommensurabiles sunt efficientes summam
B quadratorum mediam et rectangulum medium
I 74 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVIII]. sunt

“Z autem, ut demonstratum est [p. 334, 14 sq.),
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE® 4+ EB} I'Z* + ZA4* ac AE< EB, I'Z< 24

E

£dse Oeifen) comp. P, om. BFb. De V u. app. nr. 25. 14.
uow'éo‘g pinee F. 18. #orw] om. BFb. 21. doa] m. 2
euan, F, 25. avzoy F. .
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xewpdve éx tov dno tov I'Z, Zd, ©o 0% vmo vtaw
AE, EB ©6 mo vov I'Z, Z4* xal of T'Z, ZA4 éga
dvvduer sloly aevupcrgor mworovoal T6 TE CVYRE{UEVOY
éx Tdv an’ avrov rergaydveoy wisov xul to vn’ avtov
uédov xal fnu dovpustoov 10 Ovyxelusvov éx Thv an’
avtéy [vergayavav] td vr’ avtov.

‘H I'd &ga peta pédov uéoov td SAov moiovod
dotwy' Omep e detfar.

on.

"Ard ¢nrov pédov dpatgovuévov 4 vd Aotmdw
qwelov Svvauévy pla 8v0 dAdywv ylveTal fToL
amoroun 1 éAdeca.

"And yap nrod vov BI' wésov apneiedm.to B4
Adyw, 8te % vo Aowmdy Swvvaudvy 6 EI ule 0vo
addyov plverar fitor awovoun 1 éAdecamv.

‘Exxeledo yeo ¢nry 7 ZH, xal v utv BI lgov
naoa v ZH magefsfiiode dedoydviov magaidnid-
yoauuov ©d HO, 1 0 4B loov apyeticdm ©6o HK*
Aoumdv &oa vd ET loov éovl v AO. Zmel obw qrov
uév éott v BI, uéoov 6% vo Bd, isov 6% 10 utv BI'
6 HO, 0 0 B4 6 HK, ¢nrov ulv dea fotl Tod
HO, uésov 0t vo HK. xal moga fnrqy iy ZH
nogaxeirars Onry udv dga v ZO xal 6vupsrgog T

1. ©0 8¢ — 2. xal] mg. 2F. 38 ze]om. P. 6. zs-
toaydvov] om. P, 8. dmee Ed‘u deifa] comp. P, om. BFb.
10. Post §nrod del. na¢ F.  11. ylyvezor BFb.  12. didz-
toy PVDb. 18. BI'] in ras. V. 14. lowmov ywelow BFb
w0 ET vaayevn BFb. 15. 26yer F, corr. m. 2. yi-
yverar BFb,  Zldtreoy B. 17, Post uaqaﬁe 169w del. 7o
HB m.1 P, ras. 4 litt. V. 18. 4B] e corr. V, B4 P. 19.
Er'} I'E B. 46] @4 F. 20, pév] (prius ‘om. b. 21,
¢nrov] bis b. 23, magdxsivzor BF. ~ doa £oriv BFb.
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commensurabilia. quare etiam I'Z, Z4 potentia in-
commensurabiles sunt efficientes summam quadratorum
mediam et rectangulum medium praetereaque summam
quadratorum rectangulo incommensurabilem.

Ergo I'd recta est cum medio totum medium ef-
ficiens [prop. LXXVIII]; quod erat demonstrandum.

CVIIL

Spatio medio a ‘rationali ablato recta reliquo spatio
aequalis quadrata alterutra rectarum irrationalium est
aut apotome aut minor.

nam a spatio rationali BI" medium auferatur B 4.
dico, rectam reliquo EI' aequalem quadratam alter-
utram rectarum irrationalium esse aut apotomen aut
minorem.

ponatur enim rationalis Z H, et spatio BI" aequale
rectae ZH adplicetur rectangulum H@®, spatio autem
4 B aequale auferatur HK, itaque reliquum EI'= 46,
iam quoniam BI ra-
tionale est, B 4 autem
medium, et BI'=—H®,
B4 = HK, HO ratio-
nale est, HK autem
medium. et rationali
ZH adplicata sunt.
- ' - ‘ itaque Z® rationalis

est et rectae ZH lon-
gitudine commensura-
bilis [prop. XX], ZK autem rationalis et rectae ZH
longitudine incommensurabilis [prop. XXII]. quare
Z®, ZK longitudine incommensurabiles sunt [prop.

4 E B

2] K /4
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ZH wine, oy 02 7 ZK xal acvupsroos vy ZH
pijxst® aovpuergog doa forlv n 2O tjj ZK wixer. af
Z0, ZK dga ¢nral elae dvvaus uovov dvupsvoor*
amorouy dea Zerlv 1 K6, mpocapuifovon 0% avry 7
KZ. 1vou 8y % OZ tijg ZK usifov dvvarar v axd
cvuuérgov 1 od.

Advvdedw medrsgov ve amd Gvpufrgov. xal fdviv
0An 9 OZ ovuuctoog v benepdvy dnii wixee v ZH-
dmoroun dea meatn fotlv 5 KO. 0 & Omd $qrijs
xal amorouns TUTNG WeQueyduevov 1 Svvapivy dmo-
Tout donwv. 1 dga T A®, vovréer to EI, dvvaudvy
dmovout] éoTiv.

E(l 0t 7 OZ vijg ZK peifov dvvevar vé dmo acvu-
uérgov éavrij, xal dovww oAy 7 ZO evpucrgog v éx-
xeLpdvy nrh wixee vij ZH, dmovoun verdgry fotly 4
K®. 10 & Umo ¢nmijg xal dmovouijg tevdgrng meei- |
eqousvov 1 dvvauévy #Adocoy dovlv: Omep Eder dstbai.

09",

'"Ano puéeov ¢nrov apatgovudvov ¥ldar 0vo
dioyor ylvovrar fjtoL uéeng amworoun XE@TY %
pete ¢nrov wécov td Siov morovoa.

’And yag péeov tov BI ¢qrov depnerodw 70 BA.
Adyw, 81e 7 70 Aoy 70 EI dvvauévn pla 8vo aldyov

1. ZH] (prizs) HZ F. 2. Post pijxss (alt.) add. xef

elaw ampotsgm énral b, ZO] ©Z BF. gloww P. 4.
818’ P. b.ZK g. gP 8¢ BFb, et supra ser.m. 2 V.
0Z7Z] 20 b. 6. dovppéreov P. 7 o] sav: n 0 4no

awyy.éreov BFb. 7 — 1. cvyp,stpov] g 7. 6
corr. ex 76 m. 1 b, m. rec. covpy toov P 8. YA
corr. ex ZO V, 26 F. 9 '8¢ BFb. 10. mequezdpsvoy
om. BFb. 11. 7] ins. m. 1 B. 6] (prius) ins. m. 2
13. ©Z] inras. b, ZO F. i) tijit b. cvppéreov V, corr.
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XIII]. itaque Z®, ZK rationales sunt potentia tantum
commensurabiles. quare K® apotome est [prop.
LXXIII], KZ autem ei congruens. iam @Z? excedit
ZK? quadrato rectae aut commensurabilis aut incom-
mensurabilis. - ‘

Prius excedat quadrato commensurabilis. et tota
®Z rationali propositae ZH longitudine commensu-
rabilis est. quare K@ apotome est prima {deff. tert. 1].
recta autem spatio comprehenso recta rationali et
apotome prima aequalis quadrata apotome est [prop.
XCI]. ergo recta spatio 4@, hoc est EI', aequalis
quadrata apotome est.

sin ®@Z2 excedit ZK? quadrato rectae sibi incom-
mensurabilis, et tota Z® rationali propositae ZH
longitudine commensurabilis est, K® apotome est
quarta [deff. tert. 4]. recta autem spatio comprehenso
recta rationali et apotome quarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur aut mediae apotome prima aut
recta cum rationali totum medium efficiens.

A medio enim BI' rationale auferatur B4. dico,
rectam spatio reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut mediae apotomen

m. 2. 14, ®©Z BF. 15. ZH] corr. ex ZO® m. 1 F,  dno-

toun dex BFb.  16. 8¢ B. 17. Post dezty add. % dee 1o

(om. b) 4@, tovréore 16 ET, Svvapévy éddoowr éoriv BF, mg.

m. 1b omee £dse dsikau] comp. P, om. BFD, 19. Post

émo add. ot b, m. 2 F.  20. ylyvovrar B. péon B. 22.

and] corr. ex vm6 V. damé — BA] bis b. 28, ple] om. b.
loyoy b.
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plvetar froL péang dmoroun meaTy 7 pera nrod pégov
70 OAov motodaa.

‘Exxsledm yoep onry v ZH, nal magafefirioda
ouolmg ta ywele. Eati O% dxolovdwg ¢nry wiv 7 2O
xal aovppereos vh Z H pixs, ¢nen 0t ) KZ xal ovu-
pergog i ZH wixsrr of ZO, ZK dea nral elow
dvvdus udvov ovuuergor amovoun dga foriv 7 KO,
mgodaguifovee Ot ravry f ZK. fwor 0 1 OZ zijg
ZK usifov Ovvaver T amd ovuuérgov faveij 1 To
a0 ZEVUUETEOV.

Ei pdv ovv 1) OZ 1ijg ZK pettov dvvarar ve amd
ovppéroov favrfj, xel fetiv 7 mpooaguifovoe  ZK
avupctoog vij duxsiudvy nry wixer vfj ZH, amoroun
devrépa éovly n KO. Jqoy 8t ) ZH dovs 1 ©o A6,
tovréone v0 ET, dvvauévy uéang axorouy modry éoviv.

E¢! 0t 1) OZ vijg ZK upcitov dvvarar t¢ amo dovu-
uérgov, xel demiv % mpocagudfovea  ZK evupcrgog
vy} benespévy oy wins v Z H, dmovous méumry éotly
n KO dove 11 10 EI dvvapévy ueve §$nrov péeov
76 8Adov moroved foviv: Omeg 05 Oelbw.

ot'.
‘And péoov péeov dpaigovuévov dovuué-

1. ylyverrw Bh, wéon Bh. 4. oty P, 871] corr.
ex3m.2 B, 8¢ Fb. b. xal] om. 9. ZH] ZIb. ZKB.
6. Z0] ®Z P,  &loww P. 8. avry BFb.  87q] 6¢ BYV.
©Z)in ras. m. 1 b. 10. avpps'tgov V, corr. m. 1. 11.
0Z) 26 V. 14. Post ZH add. 7o 0% vmwo §nrijs xal dmo-
roung Osvtéoas 7 Suvapévn plong dmotoury dove mowtny b, F
. m. 2, 15. tovtéony P. uéan BF.  dore mewiry V.
16. ®Z) inras. V, ZO P. 17, xal] fovryj, nel BFb, 18,
prjxer] om. b. 19. K@] 8K F. Post EI" del. ymeloy
m. 1 P. 20. omee #0s: deifou] comp. P, om. BFb, 22,
péoov] (alt.) supra scr. m. 1 P, uécov supra scr. m. 2 F.
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primam aut rectam cum rationali totum medium effi-
cientem. ’

ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem meodo [p. 342, 19 sq.] se-
X Wquitur, Z@® rationalem esse
et rectae ZH longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
4 T mensurabiles [prop. XII].
ergo K@ apotome est [prop.
LXXIII], ei autem congruens
ZK. iam @Z* excedit ZK? quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

iam si ®Z? excedit ZK*® quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, K@ apotome est
secunda [deff. tert. 2], Z H autem rationalis est. quare
recta spatio 46, hoc est ET, aequalis quadrata mediae
apotome est prima [prop. XCII]. sin ®Z? excedit ZK?
quadrato rectae incommensurabilis, et congruens Z K
rationali propositae ZH longitudine commensurabilis
est, K® apotome est quinta [deff. tert. 5]. quare recta
spatio EI" aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]; quod erat de-
monstrandum,

B E zZ

H 4

CX.

Spatio medio a medio ablato toti incommensurabili
reliquae duae irrationales oriuntur aut mediae apo-
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Toov ©d 8iA@ ol Aotmwal dvo d&loyor ylvovrar
fitor uéeng amorouy dsvrége 1 pevre pédov
pédov 0 GAov morovoa,
Apyenode yee og énl Tdv mooxeuévev xeve-
5 yoapdv amd péoov vrov BI' péeov t0 B dovupstoov
T 0dp" Adyw, Ote N ©0 EI dvvapévy ple éorl dvo
aAdyov fjror uéens amovoun Osvripe 1 msTe uicov
uéoov 16 8iov moovoe.
'Ensl yap uéoov dotly éxaregov téwv BI, Bd, xal
10 eevpusrpov 10 BI' 16 Bd, ¥ovar dxodovdmg dnry
énorépa tov Z®, ZK xal dovppsrgog ) ZH pijxet.
ual émel aeupcrody éote ¥o BI' tvd B, rovréort ©o
H® v HK, acdupsrgog xal 7 OZ tff ZK* of 20,
ZK épa nral &lor Svvdpst pdvov o6vupstgor’ amo-
15 Toun dee fotlv ) KO [mposagudlovoa 0t § ZK. fjzoe
on 1 2O viig ZK psitorv ddvarar vH dmd cvupéroov
7 76 and aovuuireov favrf).
El utv 0y 1) 2O vijg ZK ueifov vvater 16 dmo
ovuuéroov favrij, xal o0vderdge vov 2O, ZK ovu-
20 pereds fome vf) dxxsupivy $nri] wixes vij ZH, dworous
tolty dorlv ) K@. ¢qry 0t ) KA, 10 & Omd ¢nriig
xal amorouijs TelTng megieyousvoy Spdoydviov GAoyoy
dorv, xal 1 Svvaudvn avrd &loyds doriv, xedeirar OF

1. ylyvovtae B. 2. puéoyp Bb. 5 BA] Becorr. V. 6.
éotiv B. 7. uéon Bb.  puera) pera Tov P. 12. éotew P,
Deinde add. dméneizar P, et V, sed del. 13, xel] ot %al b,
dory nal B. of} xal 5 D, Z8) OZ FV. 14. ZX
©K P. 15. forlv] om. Bb.,  mooowguéfovee — 17. favry
om. P, mg. V. 16. 87] 8¢ BV. = 18. d7) ovy BFb. Z@
@Z B. ZK] Z postea ins. V. 19. ovderéoa V. 6y
corr. ex t¢6 m. 2 V. ZO] OZ Bb et in ras. V.  20. dore
om. Fb. " 21. XA] corr.ex K4 m. 2 F. 4’] 8¢ BFb. 23
é6ri PBV, comp. Fb; item alt.
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tome secunda aut recta cum medio totum medium
efficiens.

Avuferatur enim ut in figuris iam propositis [p. 347]
a medio BI' spatium medium B4 toti incommensu-
rabile. dico, rectam spatio EI" aequalem quadratam
alterutram esse rectarum irrationalium aut mediae
apotomen secundam aut rectam cum medio totum
medium efficientem.

nam quoniam utrumque BI, B4 medium est, et
BI', B4 incommensurabilia®), similiter concludemus
[p. 342, 19 sq.], utramque Z®, ZK rationalem esse
et rectae ZH longitudine incommensurabilem [prop.
XXTII]. et quoniam BI, B4, hoc est H®, HK, in-
commensurabilia sunt, etiam ®Z, ZK incommensura-
biles sunt [VI, 1; prop. XI]. itaque Z®, ZK ratio-
nales sunt potentia tantum commensurabiles. ergo
K6 apotome est [prop. LXXIII].

iam si Z®? excedit ZK?® quadrato rectae sibi com-
mensurabilis, et neutra rectarum Z®, ZK rationali

2 x @ bropositae ZH longitudine

commensurabilis est, K@ apo-
B E tome est tertia [deff. tert. 3].
' uerum KA rationalis est,
rectangulum autem recta ra-
tionali et apotome tertia
comprehensum irrationale est,
et recta ei aequalis quadrata
irrationalis est, uocatur autem mediae apotome se-

1) Cum unerba xal dovuusroor ©0 BI' o B4 lin. 9—10
nihil faciant ad demonstrandum id, quod seqmtur, non immerito
ab Alugusto omittantur. Gregorius omisit #ozar lin. 10 — o
B4 lin. 12

4 4 I'H 4
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péang amoroun Osvrépa” dore 3 6 AO, rovréon T
ET, dvvauévy péens amovowr éove dsvréga.

El 6% 9 20 vijg ZK uetlov dvvarar v6 amo aovu-
pérgov favey [wixe), xal odderépe tév OZ, ZK
ovpuetedg ot vy ZH pojxer, amovouy &xry derlv 1)
K6. ©5 & vmd fnrijs xal dmworoufig Exzyg 7 Svwa-
p&’m) dorl pera ye’oov uédov o JAov moovewx. 1 TO
A0 dga, vovréer, 10 EI, dvvaudvy uste péoov yso’ov
70 OAov Woioved ot Omep £0e Oetba.

owe’.

‘H amorourn odx &6tiv 7 avry v éx 0vo
dvoudraw.

"Eotam amwotoun 1 AB' léyw, dve ) AB odx éorw
N avry i é 0vo dvoudrav.

E¢ pag dvvardy, éore’ xol éxxslodw onry % AT,
xel ve) and tvijg AB loov mags vy I'd magefsfirode
dpdoyaviov ©0 I'E miavog mowotw v AE. émel
ovv amotous] éoriv 1) AB, amotouy medry dorly 5 AE.
¥otw avrf) mooosapuofovox 7 EZ: of AZ, ZE wge
¢nral slor Svvduer uovov ovupergor, xol § AZ tig
ZE ycifov dvverar te dnd ovupérgov favr), xal 7
AZ cvpperpdg dove vi) Exnswudvy Gnrh winer vij AT
nadw, énel éx 0vo dvoudtwv dotiv ) AB, éx dvo dea

1. unoropm p,scm B. 6’67:&9 FYv. 0] om. b.  zovr-
éoriv B. 6] % ©o Bb. 2. péon B. dotly dmotoun Fb,
8. 20] 6Z Bb et inras. V. ovppéreov V, corr.m. 1. 4,
wixee] om, PV, ovasn(m FV. 5 éom] om. Bbgp. 6.
0 Bb. 7. éov] domuy 1) n BFb 7] @oze 5} BFDb, et e corr. V.
8, &pa] del zovzéoriy PB.  Ante 76 add.
7 m, 2 7 petd F 9 on:sp é’&u deifae] comp. P, om. B.
11, 'ﬂ] supra scr. m. 1 b. nAB (alt.) om. @. 15,
4T] in ras. m. 1 P. 16. én‘mv mjv BFb. In sequentibus
multa renouats ef enan. in F. 18, aqa modry b.  19. adry]
adrfi 7 b.  21. aovppéreov B, sed d- eras. 28. dga] om. Bb.
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cunda [prop. XCIII]. ergo recta spatio 4@, hoc est
ET, aequalis quadrata mediae apotome est secunda.

sin Z@* excedit ZK?® quadrato rectae sibi incom-
mensurabilis, et neutra rectaram @Z, ZK rectae ZH
commensurabilis est longitudine, K@ sexta est apotome
[deff. tert. 6]. recta autem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cum medio totum medium efficiens [prop. XCVI].
ergo recta spatio 4@, hoc est EI, aequalis quadrata
recta est cum medio totum medium efficiens; quod erat
demonstrandum.

CXL

Apotome eadem non est ac recta ex duobus no-
minibus.

Sit 4B apotome. dico, 4B eandem non esse ac
rectam ex duobus nominibus.

nam, si fieri potest, sit. et ponatur rationalis 4I"
et quadrato 4B? aequale rectae I'd adplicetur rect-
angulum I'E latitudinem efficiens 4 E. quoniam igitur
P g 4B apotome est, 4E apotome

HE est prima [prop. XCVII]. sit

4 . 'Z EZ ei congruens, itaque 4Z,
ZE rationales sunt potentia
tantum commensurabiles, et 4Z*
excedit Z E® quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 4I" longitudine com-
mensurabilis est [deff. tert. 1].
r rursus quoniam 4B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina diuvidatur, et 4 H maius
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Svopdrov moary dotly §§ AE. Odiupgricde &g va Své-
pere xera 0 H, xel fotw pstfov Svope vo AH of
AdH, HE &pa ¢nrel eloe dvvduss uovov evuucrgor,
xel § AH vijg HE peitov dvvarar ve amd ovuuétoov
Savril, xal v peifov | AH evppcrods éoti ©f) éuxet-
uévn oneq} pixes vij AL xel ) 4Z &oo vfj AH ovp-
uergog Zove wixe xel Aowmy &pa v HZ cvupsteds
doti i} AZ wixs. [émsl ovw ovupstods oty §) AZ
vij HZ, ¢y 0¢ éorww  AZ, §mun doa éotl xai 4
HZ. énsl ovv evupergdg domwv 1) AZ tff HZ pajpes]
doduuctoos 0 4 AZ tij EZ wixer devuustpog doo
éovl xal § ZH v EZ wjxer. of HZ, ZE g
ol [elo] dvvdust povov ovpusvoor dmorour Eou
éotlv 7y EH. dAda xal ¢nra* OSmep otlv ddvvarov.

‘H doa amovous odx éotuv % vy tf & 0o dvo-
potwy: Omep £der deifau.

[(ITooiopel.
‘H amoropn xal af per’ adrfv &Aoyor odre
T wéey ovre dAdijlacs eloly al avral.
To piv yap amo péong mega ¢nryy megofaild-
pevov mwidrog moiel dnTyy xel acvpusrgov vij, mog’
1Y megdxeivas, pixs, o6 0% dwd amoroudjs mwapx nTNY

1. évopdzow & doe Bb. dotl mouiry F?, ngwrn supra scr.

m. 2 V.  digenpévn b, mg. m. 1: ye. d‘zygnu&m 4. HE]
EH F. 0] 10 @. 5. 70 peitov] P, et V, supra scr. 73
om. b, 7 peifoy B; om. @, sed post AH lacuna. est 6 litt.
7. Ante papnee del, tfj énncspéoy ey pijne o AT m. 1 b.
lounfj dew tfjf BFV, HZ] in ras. m. 1 b; ZHF seq. ras.
1 litt. 8. Zet 73] dorewy ) BVD et supra ser. 5 9. dmel —
10. HZ (pnus)%om P, mg. V. 9. HZ] Z ante ras. 1 litt. V.
dotiv] om Post ¢t in mg. m. 1 add. pnuu ooV~
petgogs m, 1 b.  Z¢ziyv B, om. V. 10, Zmsl — pixer] om.
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- nomen. sit. itaque 4 H, HE rationales sunt potentia
tantum commensurabiles, et 4 H? excedit HE? qua-
drato rectae sibi commensurabilis, et maius nomen
A H rationali ptopositae 4I" longitudine commensu-
rabile est [deff. alt. 1]. itaque etiam AZ rectae 4H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. uerum A4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon-
gitudine incommensurabiles sunt [prop. XIII]." itaque
HZ, ZE rationales sunt potentia tantum .commensu-
rabiles. EH igitur apotome est [prop. LXXIII]. uerum
eadem rationalis.est; quod fieri non potest.

Ergo apotome eadem noi est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali a.dphcatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem {prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIII], quadratum autem

PV. 11, EZ] mut. in ZE V. &o fotl] 84 in ras. 4
litt. . 12. éoviy P:  Post pyxes add. xaf slor gnral mg.
m. 2 B, 13. ¢la] om. PV. 14. EH] corr. ex HE V, HE
P, EN @. 15. 9] (alt.) om. b. 16 onso e 3u§mﬂ comp
P, om. BFb. 17. nogto’pa%‘om P, iy’ BVb, et

7] = b. 22. ¢xd] om. F.

Euclides, edd. Heiberg et Menge, III. 23

21.
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mogefaridpevoy mAdvos mosi dmovouiy medryy, To
0t amd uéong amoroud)s mewTng mege GnTRY meeafui-
Aduevov mhdrog moisl amovouny devrépav, vo 0% amd
uéonz amotoutj devrépag mage dnryy mapafaiiousvoy
5 mAdrog woiel dmorouny teltny, 1o 0% amd fAdcdovog
wepe dnry megafeiloucvov midvog moiel amorounv
revdgTyy, 10 0 amd vijg psTa ¢nrod uéoov o Slov
motoveng moga Gnryy magefieddousvov mAdrog moisl
amorouny méumrny, vo 0% axod vijg peva uésov pécov
10 70 8oV moroveng wapa nTyy wepefaiiopevov wAdrog
moisl dmotouny Exrqy. émel odv ta slonuéve mAdry
diapéper Tov 16 MPwTOV %Al GAMjA@Y, TOU piv MEdTOU,
Ot gnre} devw, didjimv 0Y, énel vy vafs ovx elolv
ol avtal, dfjhov, dg xal avral af &ioyor diapépovery
15 dAdjdoy. xal émel Oédsixtar %) dmotousn olx ovew 1
oty ©f) éx 0vo Svoudrov, moiovor 0 mAdty woaga
énrw mapafuliducver of peva TRy dmorouy dwotouas
axolovdag Exaory vf vofer vff xed’ edriv, of OF
pere Y éx 0vo dvopdrav Tig éx 0vo Svoudrov xal
20 avral vf) vae axolovdwg, Erepar dpa sloly of peva
v axotouny xel Erepun af pere Ty éx 0vo dvoudrav,
o3 evar ti] tafe macag ¢lddyovg vy,
Méoyy,
‘Ex dvo ovopdrav,
25 Ex 0vo péowv memtny,
’Ex 0vVo uéowv devrépav,
Meifove,
‘Prrov xal péoov Svvaudvnw,

1. 70 8¢ — 8. devréeav] mg. m. 1 V.  b. dldrrovog Bb,
comp. F. 9. petet] om. F. 11. odw] corr, ex ov m. 1 P.
12. medrov] (priug) in ras. V. 18, émel] 8m B. 17.
nmogafaliopsve F, corr. m. 2. of] om. P, supra ser. m. 1V,
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mediae apotomes secundae rationali adplicatum lati-
tudinem efficit apotomen tertiam [prop. XCIX], qua-
dratum autem minoris rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medium efficientis rationali
adplicatum latitudinem efficit apotomen quintam [prop.
CI], quadratum autem rectae cum medio totum medium
efficientis rationali adplicatum latitudinem efficit apo-
tomen sextam [prop. CII]. iam quoniam latitudines,
quas diximus, et a prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine eaedem
non sunt, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstrauimus, apotomen eandem
non esse ac rectam ex duobus nominibus [prop. CXI],
et rationali adplicatae rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum suum
quaeque ordinem, irrationales autem rectam ex duobus
_nominibus sequentes rectas ex duobus nominibus et
ipsae secundum suum quaeque ordinem, aliae sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibus sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media.

2. Recta ex duobus nominibus.
. Ex duabus mediis prima.
. Ex duabus mediis secunda.
. Maior.
. Recta spatio rationali et medio aequalis quadrata.

(oA L

[o2]

wév B, of uév b, pév supra add. m, 2 F. 19. zag éx 3%o
dvoudtey] om. V. 20, adrdg b.  elow &eax V. 21, «f]
om. F. ~ pere] nazd P. ,

23 %
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4vo péee dvveudvny,

"AroToury, ‘

Méang amotounv meaTny,

Méang dmorouny devrépay,
’Eidadove,

Mera gyrov uéoov to Slov motovoay,
Mzta péoov uésov 1o OAov. motovoav.

loef’.

To amo ¢nrijg maga TRy éx dvo dvoudrav
negafalldpsvoy mwAdtog moisl dmotopnv, 7
1¢ dvdpere ovuuerod d67u Tolg Tijg éx dvo dvo-
piétov dvéuade xal &t év 16 avre Adym, xal
fvi n yuvopdvny dmoroun iy avryy Efs tduy
©fj éx dvo dvoparmv.

*Ecto ¢nry uiv 7 A, éx 0vo dvoudrwv 0 3 BI,
g weitfov Svope éotw 1) AT, xal 16 dmo tijg A loov
Zote ©d vnd vdv BI, EZ* Adym, 6t 7 EZ émorous]
dovwv, g o dvduarta ovuustga éoti ol I'd, AB,
xel v 16 avvg Abyw, xal &ve ) EZ vy avvyy e
rafw tfj BI. .

"Eoto pag maiw 1@ &no tis A loov o Umo Tédv
B4, H. éxel ovw vo 9nd tév BI, EZ ldov éotl 165
vmwd tav Bd, H, f6tw épa g 3 I'B moog v B,

De his 13 irrationalibus cfr. Martianus Capella VI, 720.

5. flarrovae BFb., 8. gtﬁ'FJ om. b, gte’ F, @ed’ BV, 11.
té dor F. 12, dvduacy PBF. 15, ot dvopdrer V.  18.
Ar1 rdF. 11. BI'} T'BF. 18 dou) dorw P. I'dl "
e corr. V, A4B] 4 supra scr. m. 2 V., 19. rd&v £k V.

Egsz& #yer BFb, in B sugra scr. £ m, 2. 22. Bd] d e
corr. V, dBF. 1]l w6 PV. 5] mut.in 26 m. 1 P, 76 V.
23. Post zév ras. 1 litt. P. I'B] BT F.
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome,

9. Mediae apotome prima.

10. Mediae apotome secunda.

11. Minor.

12. -Recta cum rationali totum medium efficiens.
13. Recta cum medio totum medium efficiens.

CXIL.Y)

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum latitudinem efficit apotomen, cuius
nomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeterea apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

Sit 4 rationalis, BI" autem ex duobus nominibus,
cuius maius nomen sit 4I', et sit BI'>< EZ = A=
dico, EZ apotomen esse, cuius nomina rectis '4, 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.

nam rursus sit B4>< H= 4% ijam quoniam est
BI'><XEZ=BAd><H, erit 'B:B4d=H:EZ [V], 16].

4+

1

a
Bt } \r H

E Z
K ! | 1 @

uerum I'B> B . itaque etiam H>EZ [V, 16; V, 14].

1) Dubito, an haec propositio et sequentes Euclidis non
gint. sed de hac re alibi uiderimus.
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ovvwg  H meog tyy EZ. pelfov 0t 1) I'B tijg B4
peltov dog éotl nal § H tiig EZ. ¥otw vf) H loy
% E@° iotw doa dg % I'B mpds iy Bd, ovrmg 4
OF nodg iy EZ- dueddvre Gpa dotiv g 5 I'd moog
5ty B4, ottwg 1 OZ moog v ZE. yepovérm og
7 O®Z mpdg tyv ZE, ovtwg ) ZK medg iy KE' xal
0An éoa ) OK moos SAnv vy KZ dotwv, g 1 ZK
ngds KE' ag pae &v tdv ppovuéver meds &v tdv
émoudvav, ottwg amavie T& Nyovmeve mEOg GmaVTE
10 v émdueve. g 0 ) ZK mpdg KE, otrmg éoriv 9§
I'd npdg vy 4B* xal ag dga 11 @K nedg KZ, otrawg 7
I'd mpdg tiv AB. ovuuergov 0% v and tijs I'd ©d
and 15 4B* avpucroov &oo fotl xal 7o dwd tig OK
v6 émd g KZ. xei dovv @g 16 and tvijs @K meog
15 1o amd vijg KZ, otrwg 4 OK moog tyv KE, émsl ol
1psic of OK, KZ, KE dvalopov &low. ovuuergog
dga 7 OK tfj KE wixer: &ove xal 7 OFE v EK
ovuuctedg dote mijxer. xal émel ©d amd vijg A loov
éotl ©6 vmd védv E@, B4, §nrov 8¢ dove 1o amd vijs
20 A, ¢nrov doa éorl xal vo Um0 rov EO, BA. xal
wapd Ty v BA megdxsizars §nryy dea Zovlv 1)
E® xal ovpucteog tj BA pijxet: dGore xal % ovu-
ustog avwij 1 EK ¢qre ot xal eduuergog tij BA
wixer. émel ovv ot dg §) I'd medg AB, ofrwg #
25 ZK mgds KE, af 0t I'd, AB dvvdpst uovov &l6l

1. peffoy — 2. f6ro] in ras. V. 1. I'B] BI' P. 2.
é0t/) om. V. 8. I'B] BI' PV. 4. =] om. Bb. 5. wijv]
om. Bb. 4B FVb. v] om. BFb, yeyovérm — 6.
ZE] om. b. 6. mj»] om. BF. ZK] KZ B. 1ij»] om.
BFb. 7. meds] bisg. 8 =y KE FV. g ydg] om. P,
supra scr. V. tév] om. P,  sjyoduevor P. 10. vqv KE V.

11. 4B] BAF, v KZ BFb,  13. 4B] e com. V,
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sit E@=H. itaque I'B:B4=@0E:EZ. quare diri-
mendo [V,17T] I'd:BA4=@Z:ZE. fiat ®Z: ZE=ZK:KE.
quare etiam @K:KZ=ZK:KE; nam ut unum prae-
cedentium ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est autem ZK:KE =
I'4:4B. quare etiam @K:KZ =TI4d:4B. uerum
I'4?, 4B* commensurabilia sunt [prop. XXXVI].
itaque etiam @ K32, KZ? commegnsurabilia sunt [VI, 20
coroll.; prop. XI]. est autem @K%:KZ? = @K:KE,
quoma.m tres rectae &K, KZ, KE proportionales sunt
[V def. 9]. itaque @K, KE longitudine commensura-
biles sunt [prop. XI]). quare etiax @E, EX longi-
tudine commensurabiles sunt [prop. XV]. et quoniam

= E@>< B, et A® rationale est, etiam E®>< B4
rationale est. et rationali B4 adplicatum est. itaque
E® rationalis est et rectae B4 longitudine commen-
surabilis [prop. XX]. quare etiam EK, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B4
longitudine commensurabilis [prop. XII]. iam guoniam
est I'd4: dB=ZK:KE, et I'4, 4B potentia tantum
commensurabiles ssunf, etiam, Z X, K E potentia tantum

B4 F. 13. OK] I'd 9.  14. KZ] ZK in ras, V. 15.
Post KZ add. édsiydn yao o § I'd medg 4B, oura)c % 2K
moog KO, oﬂ.la el wg ) I'd ngoc 4B, ovnoc 1) @K meodg
KE. 7osis ooy sv&swu slow awaloyow uqmm piv 7 0K, dsv-
1:890: Bé 1) KZ, toiey 7 KE. é’o‘nv ovv g 1:0 nmo tijg mowTNE
uqoc 70 cmo 1:119 Gemspac s[b‘oc, outmc n wodTn Weds mv Toleny,
rovréoniy dig 10 amod OK mods 0 azo KZ b. z7jv] om, b.
16. elos BVDb, comp. F. ~ 17. dee dotiv BFb. OK] K
e corr. V, Post winer add. xel dwsddvm b, m. 2 F.  dore]
-te e corr. V. EKXK] E® b. 19, E€6] ®E V. 4oty L,
20. dortv L. 4B LBFb, o corr. V. ~ 21. 4B BF. 22
Post Goss ras. 1 litt. V.  23. dozew L. 4B F.  24. dg
om. L, supra scr. m. 2 B. 25. ZK] corr. ex ZH m. 2
d0]m. 2F TI4]l grF. slaty L.
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ovupergot, xai of ZK, ' KE dvvaue upovov elol evu-
uergo. gy 8¢ domv 9) KE- §yon dpo éotl xal 3
ZK. of ZK, KE &puo ¢nral dvvduer plvov. slol evu-
ugrgoL® amoroun &pe foviv 5 EZ.

"Hrov 0t v I'd tijg AB ucitov dvvarar ©¢ dmd

ovpudrgov fovrf 1 T dwWd dovpusreov.
X E. ptv odv 1) I'd vijg 4B peifov dvverm T amd
ovuuéroov [éavtf)], xal ¥ ZK tijg KE ustfov dvvy-
oeTen Td amd ovpusreov fovr. xal & ulv GUpRsTEOg
éovw 1 I'd v éxxspévy nrij wixse, xal § ZK* &
0t 7 Bd, xel ) KE- gl 0} ovdezépe vav I'd, AB,
xal ovderépe tov ZK, KE.

Et 6% 5 I'd vijg 4B psifov dvvarer v6 dnod advu-
uéroov faveij, xal 7 ZK tijg KE psitov dvimjeerar
T@ amd covpusrgov favry. xel & piv n I'd evp-
ueTQdg dote i dxxeudvy nri wines, xal § ZK- &l
0t 7 Bd, el 77 KE- & 08¢ ovdstéga vy I'd, 4B,
xal ovderépa tov ZK, KE' dore amorvour oty 4
ZE, ng va dvopare ve ZK, KE 6vpucred 2ot voig
1ijg éx 0Vo OSvoudrov Svipact valg I'd, AB xal év
Te avtg Adye, xal v ety tdfw-ége v BI omse
e deitor.

’
oy . )

To amo §nri¢ maea &morounv wagafailio-
pevov mddarog movel Ty éx dvo dvoudrwv, N8

1. KE &ou LBF. 2. Post KE add. xel svppetgog 77 Bd
wixee LBFb.  édouy dee V.  éatviv LPB. 3. ZX] (prius)
KZ BFb (de L non liquet). Deinde add. zal evppszeos tj
r'd pizse LBFb. . §npral slow L, $nral eloe BFb.  elol]
om. LBFb. 4. EZ]ZE inras. V. 6. zf] supra scr. m.
rec. V.  ovppérgov V, sed corr. 8, dovppérgov L, et V,
sed ¢- eras, favrj]l om. P. ZK] KZ B. 11. BJ] mut.
in dBV, 4Bb. ~obderépa P. ~ 12, xai — 13. 4B] mg.
m, 2 F. 12. o9@etépe P. KE] E in ras. m. 1 P, 13.
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commensurabiles sunt [prop. XI]. uerum KE ratio_imlis
est; itaque etiam ZK rationalis est. itaque ZK, KE
rationales sunt potentia tantum commensurabiles. ergo
EZ apotome est [prop. LXXIII].

Jam. I'd? excedit 4B? quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

si igitar F'd? excedit 4B? quadrato rectae com-
mensurabilis, etiam ZK? excedit K E? quadrato rectae
8ibi commensurabilis {prop. XIV]. et siuve I'4 rationali
propositae longitudine commensurabilis est, etiam Z K
ei commensurabilis est [prop. XI, XII], sive B,
etiam KE [prop. XII], siue neutra rectarum I'd, 4B,
neutra rectaram ZK, KE. sin I'4® excedit 4B? qua-
drato rectae sibi incommensurabilis, etiam ZK? ex-
cedit KE? quadrato rectae sibi incommensurabilis
[prop. XIV]. et siue I'd rationali propositae longi-
tudine commensurabilis est, etiam ZK ei commensu-
rabilis est, sine B, etiam KE, siue neutra rectarum
I'd, 4 B, neutra rectarum ZK, KE. ergo ZE apotome
est, cuius nomina ZK, K E nominibus I'4, 4B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI' [deff.
alt. et tert.]; quod erat demonstrandum.

CXT1II.
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

4B] B4? L. 14. xaf — 15. favzj] om. P, mg. m. 2 V.

16. dorewy L.  Ante ZK eras. H V. 17, obdetéoa V. 18,
ov@stéoa PVy (non F). - dore] -z inras. V.  19. zd] (alt.)
‘om. P, m. 2 V. {domwv L. 20, éx] éx zav V.  dvopaoiy
LPBF. 21 & rafiw LBFD. BI') BB P. 28. oy’]
PL, gf" F, 018’ b, aus” BV, 24, moge] opa L.
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te évduera ovppered £dTi volg Tijs EmoToudg
bvopac: xal dv v6 adre Adye, Evi 0% % yivo-
pévy éx 0vo dvoudrwv Tyv aevrnv vdfiv Eyse
tf] axmoTouf.

5 "Eotw ¢nrvy ulv f A, dmovouy 0% 5 BA, xel vé
and g A leov &rw 16 Und thv B4, KO, dors 1o
and vijg A ¢nmig maga Ty BA dmorouny mageful-
Aouevov midrog mowsl Ty K@ Adywm, Gt éx 0vo dvo-
pdrov fotly 7 KO, g ta évéuara ovppcvod éomi

10 zolg T B4 ovdpace xel év 16 avtd Adyw, xal éve
7 KO vy aveqw e veékw vij B4

"Eotw pap v BA mgoeaguifovon 7 AT of BT,
I'd doa fnral slor dvvdue wovov ovupstgor. xal To
ano ©iig A loov fovw xel vo vmo rov BI, H Gnrov

18 0% ©o and tijg A° éqrov &ge xal vo Umd tédv BI, H.
xoil meee dnny vy BI' magaféfinrar fnuy cou éoriv
% H xal odppergog vij BI' unjxee. émel odv ©o Umo
oy BI'y, H loov éotl 16 vmd vav Bd, KO, dvdaloyov
dpa éotlv @g y I'B 1pds Bd, otiwg 7 KO meog H.

20 peltwv 0% - BI' zijg BA' peltwv doo xal 4 KO vijg H.

. xelodw v} H loy § KE' evuucrgog doa éotlv ) KE
vfj BI' pnyxei. xal émel éorww ag 5 I'B meos Bd,
otnwg ) @K mpos KE, avasroédpavr &g éotly og 3
BI mgog viw I'd, ovrwg 5§ KO medg OF. yeyovire

26 oog % KO mpdg OF, otrwg ) OZ meog ZE" xal Aoy

1. oty L. 2. évduaoy PLBF.  yiyvopévyy LBD, ye-
vouévn PVep. 8, £ya] supra add. § m. 2 B. 6. 4] 4B b.
@oze] -e in ras. V. 7. BA] 4B 8. moweiv LFDb, e
corr. m: 1 B.  §zr] 6z ned PV, Zvn domw L. 10, éwo-
pooiy PLBF.  #n) 6t LBFb. 11 sgu LB. 13. elowr L.
14. xe/] om. LBFVb. 156. H]l m. 2 F. 18. éoviv PV,
om, LBFb. 19. I'B] BI"' PV. 20. ziig] (prius) medg b.
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nomina nominibus apotomes commensurabilia sunt et
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.
Sit A4 ratiovalis, B4 autem apo-

T tome, et sit B4 >< K@ = 42, ita ut
4 { quadratum rectae rationalis 4 apotomae
14 H B adplicatum latitudinem efficiat K@.

| dico, K® ex duobus nominibus esse,

r -X -

;: ! cuius nomina nominibus rectae B4
commensurabilia sint et in eadem pro-
lg portione, et praeterea K@ eundem or-

dinem habere ac B4.

nam A4 I rectae B 4 congruens sit. itaque BI, I'4
rationales sunt potentia tantum commensurabiles [prop.
LXXIII]. sit etiam BI'>< H==A% uerum 4 rationale
est. itaque etiam BI'>< H rationale est. et rationali
BI' adplicatum est. itaque H rationalis est et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>X H= B4 > K@, erit [VI; 16]
I'B:Bd==K®:H est autem BI' > B4. itaque
etiam K® > H [V, 16; V, 14]. ponatur KE = H.
itaque K E, BI" longitudine commensurabiles sunt. et
quoniam est I'B: B4 =@ K : K E, conuertendo [V, 19
coroll] est BI':I'4=K@®:OE. fiat KO:OE=GOZ:ZE.
itaque etiam KZ:Z0=K®:0E=BI:T'4 [V, 19].
uerum BI, I'4 potentia tantum commensurabiles sunt.
itaque etiam KZ, Z® potentia tantum commensura-

doa dot BFb. 21, KE] e corr. V, EK P,  22. v B4
BFb.  28. mij» XE BFb. 25 K®] corr. ex. KH m. 2 F.
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doo 7 KZ modg ZO éorv, &g 1) KO mpdg OF, rovr-
éoniv [0g] ) BI" meog I'd. af 0% BI', I'd Svvapee
uévov [elol] odupuergor” xal of KZ, Z® &oa dvvdpce
uovov &lol evuusrgor. . xol émel dovv ag 1 KO meog
OF, # KZ npds 2O, ¢i’ &g 5 KO npds OF, 5 OZ
noog ZE, xal og dox 7 KZ mgog 2O, 7 OZ mpdg
ZE' @ore xal g 7 meaTy medg THY TElrmY, TO AW
Tijg moaTyg mEds TO Amd Tig dsvrépag' xal @g dow 7
KZ mpds ZE, otrwg 10 and vijg KZ mpdg 10 and tijg
Z@. cbppsroov 0¢ iov o amd vijg KZ v amd Tijg
ZO of pyep KZ, ZO Odvvaps elol evupsrgol” 6vu-
uergogs &pa Zovi xel § KZ vij ZE wijxe dove § KZ
xel vf] KE 6duucvodg [éovi] urxer. gmry 08 éovww 7
KE xel ovupuergog vij BI' unxes: ¢nrvn doa xel 7
KZ xal avpperpos v5j BI' pajxer. xal émel dotiv dg
% BT meds I'd, otrws % KZ npds ZO, vaiist dg
%) BI" modg KZ, otvwg % AI" meds ZO. ovuusrgog
0t 4 BI' ©fj KZ* oYppergos oo xal § ZO vy I'd
uixet. af BI, I'd 8t ¢nral slor dvvduer uévov 6vu-
uergor: xal af KZ, ZO dga dqral slor dvvduer udvov
ovuuctgor” & 0vo dvoudrov fevly &oe 7 KO.

Ei udv odv § BT viig T'd psitov dvvaras 16 dmd
ovuusrgov éavefj, xel ) KZ vijg ZO usitov Svmjosrar
t@ amd cvppéroov favrii. xal & pdv cvuuereds deTw
7 BI tf) éxucipévy noi} wijxes, xal % KZ, & 0% 5

1.ZO] @ZFetinras. V. OE] corr.exZE V. tovs-
éoriv — 2. medg) in ras. V. 2. @g] om. P, supra scr. V,

dé] om. BF. TI'd} T4, dE BF. 3. elo] om. PV. qdp-
pergoe — 4. &lol] mg. m. 2 B. 3. XKZ1 ZK P. b. 28]
©Z in ras. V. ©Z] in ras. m. rec. B. 6. Z@®] in ras. m.
rec. B, "OZ b. ovreg 7 B. ©2]'26 b. 7. 2E) EZF.

®oze] -¢ in ras. V. og] m. 2 F.  ofrwg ¢ BFb. - 8.
nowng) eras. F. meog — dsvrépus] mg. m, 2 F. 9. ZE)]
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‘biles sunt [prop. XI}. et quoniam est K@:0FE — KZ:Z0,
K®:QE=@LZ:ZE, erit etiam
KZ:260 =@Z: ZE.

quare etiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def. 9]. itaque etiam
KZ:ZE=KZ7*:Z®. verum KZ?, Z6® commensu-
rabilia sunt; nam KZ, Z® potentia commensurabiles
sunt. itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, KE longi-.
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI' longitudine commensura-
bilis. itaque etiam KZ rationalis est et rectae BI'
longitudine commensurabilis [prop. XII]. et quoniam
est BI': I'd = KZ:Z®, permutando [V, 16] est
BI''KZ=d4I':Z20. uerum BI', KZ commensura-
biles sunt. itaque etiam Z®, AI' longitudine com-
mensurabiles sunt [prop. XI]. BI, I'd autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z6 rationales sunt [def. 3] potentia tantum

commensurabiles [prop. XIII]. ergo K® ex duobus
nominibus est [prop. XXXVI].

Jam si BI™® excedit I'4® quadrato rectae sibi com-
mensurabilis, etiam KZ? excedit Z@® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue BI  rationali
propositae longitudine commensurabilis est, etiam KZ

corr, ex Z® P, 11, ydg] doa B.  12. zjj] 7iic Vb. ozl
-¢ in ras. V, dore nal b. 18. fon] om. PV.  14. dodpu-
pergog b. 16 medg) (prius) bis b. ~ 17. ofrwg — 18. KZ}
bis F. 17. AI'] I'a P. 18. Z@] inras. V, ®Z P. I'd
inras. V, AFP." 19, «f] «f 8¢ V. &¢] om. FV, 4E Bb,

20, %ol — 21. K@l mg. m. 1 V., 20. KZ] K@ B. 21.
%0 Goa BFb.  dea] om. BFb.,  92. I'4] BJ PFb et B
eras. V.- 28, dovppergov F, sed corr. 24, aovupéreov P.
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I'd ebpperods éove ti] uxspévy fqry pojxes, xel 7
Z@, & Ot ovderépa tdv BI', I'd, ovderépa zaw
KZ, Z6. ]

El 0% 5 BI' vijg I'd psitov Ovvarar v dmd
acvuuéroov favri), xal ) KZ tig ZO peifov dvvij-
ostaL T 4nd acvpuiroov Savri). xal &l utv GUuueTeds
éovwv §) BI vfj éuxeipévy Gqrf) wijres, xal 9 KZ, &
o ) I'd, xal % ZO, & 8t ovderéoe tdv BI', I'd,
ovderépn vév KZ, 2@,

Ex 0vo &ga voudrav dotlyv 5 KO, 1g te dvipara
re KZ, ZO® colpustod [éomi] voig tis amorouss ove-
paot volg BI', I'd xal év 16 avrd Adyw, xel & 1)
K6 +fj BI vy avegy &s vakw: Oweg e Osibou.

oud’.

‘Exv goelov mepiéynrar vmod amozopdjs xal
tijs éx 0vo dvopdrov, ng Ta dvduera GVy-
petod té é6te Tolg Tig dmoroudjg dvopaot xai
v té avtd Adpo, 5 0 gwelov dvvapdvy ¢nri
ot ' :

Isgueqéodm yap ywelov ©d vnd tov AB, I'd vwo
amovopdig tiig AB xal g éx 8vo dvoudzwy Tig I'4d,
ng wsitov Svoua &otw 16 I'E, xel &6tw T Svdpota
zijs éx 0vo Svoudrov te I'E, EA ovpustod 16 Tolg
rijg amoroutj ovduedt voig AZ, ZB xal v 1é avre

1. I'd] AT B et e corr. V. 2. BI' — ©dw»] postea add.

m. 1P. Post I'd add. xaf b, m. 2 F. 4. 3dvnrar Bb.
5. ovpuérgov V, sed. corr. KZ]}Zecorr. V, K4 P. 78]
©Z in ras. V. 6. cvpuéreov V, sed corr. 7. éomv] m.
2F. 8ZO0]OZF. TI'dualb 11, ¢dppere B. forui]
om. P, supra scr. V. dvducciv B. 13. BI') B4 PFb.
8mep €0z Oeiter] om. BED. 14. gue’ b et e corr. F,
as’ BV, 17. ze] om. BFV.  ésvdpacy PFB. 19. doue
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ei commensurabilis est [prop. XII], siue I'4 rationali
propositae longitudine commensurabilis est, etiam Z®
ei commensurabilis est [id.], siue neutra rectarum BT,
I'd, etiam neutra rectarum KZ, Z6® [prop. XIII].
sin BI™ excedit I'4® quadrato rectae sibi incommen-
surabilis, etiam KZ® excedit Z®® quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue BI rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, siue I'4, etiam Z® [prop. XII},
sine neutra rectarum BT, I'd, neutra rectarum KZ,Z6.

Ergo K® ex duobus nominibus est, cuins nomina
KZ, Z® nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K&
eundem ordinem habet ac BI' [cfr. deff. alt. et tert.];
quod erat demonstrandum.

CXIV.

Si spatium comprehenditur apotome et recta ex
duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata ratio-

# % 7 nalis est.

r E 4 Spatium enim 4B >< I'd com-
H | prehendatur apotome 4B et recta ex
Y , duobus nominibus I'd, cuius nomen

K 4 m maius sit I'E, et 'E, EA4 nomina
: rectae ex duobus nominibus nominibus
apotomes 4Z, Z B et commensurabilia sint et in eadem

fom—|

B, comg. FVb. 20, yag] corr. ex 6 m. 1 V.  22. forw]
(prius) d6zs BFb. 23. Ed] 4 e corr.m. 1 b. ¢ m. 2B,
24, dvouacy B.
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Adyo, xal éorw f ©O Vwd tév A B, I'd dvvapivy v H-
}.e’yw, ot ¢nre) domv 3 H.

‘Exxeloda peg ¢nrn 1 O, xel 6 dno =g O leov
nega iy I'd magafefiiodm midrog motovw vy K A*
dmotouy &ee fovlv 7 KA, g va dvéuere fote T
KM, MA abpustga tolg tijg éx 0vo ovopdrav dvo-
pace voig I'E, Ed xal év ©¢ adtd Adye. alde xal
of TE, Ed ovppsrgol ©é elow tais AZ, ZB xal év
76 avrd Adyw: Eorw dea wg | AZ meog vy ZB,
ottwg | KM npog MA. évardak dga éovlv og y AZ
ngog tv KM, otrwg 1 BZ meog vy AM' xal Aoiwm
doe 1) AB mdg Aowwny gy KA dorwv og 1 AZ
meog KM. ovpustgog 02 7 AZ ) KM* odppcrgog
doo -éotl xal ) AB tj KA. xal éoviv g 7 AB moog
K 4, ovtwg ©o vwo vév I'd, 4B medg to vnd tov I'A,
KA oevppcrgov dga éoti xal vo vmo vév I'd, AB
t$ Um0 vy I'd, KA. igov 8t v Umd tév I'd, KA
T amo vijc O ovupsreov dga éotl To vmod vdy I'4d,
AB 165 ano vijg O. te 0t vmd tév I'd, AB leov éotl o
and tijg H* ovppcvgor dga éotl to amo tvijic H v
and tijg ®. ¢$nrov 0% 1o dmo tig @ dnrov apo dorl
xal o amo viig H' ¢y dea éotlv ) H. xal dvwarar
70 Ym0 tov I'd, AB.

‘Eav a(m xco(n’ov negaéxnrm VIO amotoutjs xal Tijg
éx Ovo ouopmrwv, ng T& Svdpaze Gvyystga dove tong
Ti}g amotouss Ovduao. xel & te adrg Adyo, 7 TO
qoelov dvvapévy dnry éotuv.

1. 7] om. BFb. 7] e corr. V. H] HA4 b, 3. 9]
(prius) BO F, 4. wijv] (prins) m. 2 F. 6. tijc ] #u
wév V. 7. ¢lld — 9. loyw] mg. m. 1 F. 8. zoig b. 9.

AZ] corr. ex AT V. 11. BZ] ZB B. 12. 77J (prms) post
ras. 1 litt. F. 13. mgég — AZ] om. F. tyv KM BFb.
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proportione, et sit H? = 4B > I'4. dico, H ratio-
nalem esse.

ponatur enim rationalis @, et spatium quadrato
@ aequale rectae I'd adplicetur latitudinem efficiens
KA. itaque K4 apotome est, cuius nomina sint
KM, M A commensurabilia I'E, EA4 nominibus rectae
ex duobus nominibus et in eadem proportione [prop.
XCII}. uerum I'E, EA etiam rectis AZ,ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MA. quare permutando [V, 16]
AZ:KM=BZ:AM. itaque etiam AB:KA=AZ:KM
[V, 19]). verum AZ, KM commensurabiles sunt [prop.
XII]. itaque etiam A B, KA commensurabiles sunt
[prop. XI]. est autem AB:KA=I'A>< AB:I'd4><KA
[VL, 1]. itaque etiam I'd>< AB et '4>< K A com-
mensurabilia sunt [prop. IX]. uerum I'd >< K 4 == @°.
- itaque I'd >< 4B et @* commensurabilia sunt. est
autem H?=TI4d>< 4AB. quare H?, @ commensura-
bilia sunt. uerum &? rationale est. itaque etiam H?2
rationale est. quare H rationalis est; et spatio
I'd >< 4B aequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14. lociv B. AB] KM ovpyeteos dea fotl xal 7§ 4B ¢
(et F?). 15. wyw K4 BFb.  ovrw B.  I'd] ante lacunam
2 litt. F, 4T b. AB] 4B b. mweos 0] om. . 16. 0]
m 2V, 17. tév] (prius) om. P.  18. @] ©Z B, sed corr.

19. dwg] corr, ex vmé m. 2 F. 7%] corr. ex 76 m. 1 F.

0] corr. ex % m. 1 F. 20 76] xal vé BFb.  22. énui)
corr. ex ¢nrév V. 25. dorww P.” 26, dvdpcay PB. 27
éotu BV, comp. Fb. Deinde add. 6msp #dec deifon F.

Euclides, edd. Heiberg et Menge. III. 24
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Négropa.
Kal yéyovev nuiv xal die rovrov gavegdv, omt
dvvardv éote dnrodv ywelov Umd dAdyev e0dedy mwegi-
éyeodar. Omeg éder Oetkar.

os’.

‘And uéomg dmeigor &Aoyor pivovrar, xal
ovdeula ovdepid TV mMEoTEQOY 1 AVTI).

"Eotw péon % A' Afyw, Om amd vijs A &megor
dhoyor pivovrer, xel ovdeulw ovdeutd TéV mdregov
N «vTi.

‘Exxelodw onry 7 B, xal 16 vmo vov B, A icov
éoro to amwd tig I dhopos doa fotlv § I 7o pag
Umo aAdyov xal ¢nrijg dAoyov doriv. xal oVdeuid ToW
nEOTEQOY N aUTy’ TO paQ Am 0V0EuLds TOY WEOTEQOV
nuga gy magefuliduevoy midrog wousl péony. waly
01 ©6 vmo vdv B, I' leov &otw ©o dnd vijg 4° dAoyov
doa éotl 10 amd vijg 4. &hoyog &oeo doriv ) A° xal
ovdeud TOV mpbregov 1 avrit TO yeo dm’ ovdsuidg
10V mPlrsgov magx dnTyy magePadidusvov mddrog
mocel v I Opolwg 0% tijg Towavtng tokewg én’ dmeipov
npofatvoveng Qavegov, OtL Amd THg wéons Emeigot
dloyor plvovrar, xal ovdeule ovdeuid TdV mPdregov
7% avr: Cmep é0e detbo].

1. mégiopa] mg. PV, om. BFb. 4. Omeo #0se Seiou]
om. BFb. 5. gee’] om. V, ots’ b et corr. ex g8’ F, i’ B.
6. ylyvovrar B, y supra add. m. 1 P, 7. ovdeule] om.
PFVb. Post mgoreoov add. dsxuarou@v didyoy m. rec. F.
9. ylyvovrae PFB.  oddeple] om. PFVb,  10. %] doriw 7) BE.
11, Ante Bras. 11itt. B. B, 4] 4, BF. 12, o] m.2 F.
6] (prius) v F.  13. dot/ PB, comp. FVb, 14 dznd B.
16. &hoyov — 17, 4 (prius)]om. FV. 17. detlv P. 16 — doriv]
om, P. &loyog — 18, avrr}] in ras. m. 1 F. 18. ané B.

30X 717
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Corollarium.
Et hinec quoque nobis adparuit, fieri posse, ut
spatium rationale rectis irrationalibus comprehen-
datur. — quod erat demonstrandum.

CXV,

A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.

Sit 4 media. dico, ab 4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam
priorum.

ponatur rationalis B, et sit "= B>< 4. itaque
I" irrationalis est [def. 4]; nam spatium recta irratio-

A4 — nali et rationali comprehensum
B 1 irrationale est [prop. XX]. nec
r———— eadem est atque ulla priorum;
A neque enim ullius priorum qua-

dratum rectae rationali adplicatum latitudinem efficit
mediam. rursus sit 4* = B><I. itaque 4 irrationale
est [prop. XX]. quare A irrationalis est [def. 4]. nec
eadem est atque ulla priorum; neque enim ullius priornm
guadratum rectae rationali adplicatum latitudinem ef-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irrationales infinitae
multitudinis oriri, et nullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. ijs Toradrng) Toig Tig adris @.  21. meofalvoveer B, corr.
m. 2. 22 ylyvovzar B.  od8spla] om. PFVb. 28, Gmee #5se
dsikar] om. BFb, comp. P. Seq. additamenta quaedam, u. app.
In fine libri E¥nleldov eroryeiov i P, télog tov ¢« rdv Evxleidov
orotyeloy m. 2 B, télos rov t tév Eduleldov orvoryslwy tijg
@éwvos udiceng F, Evxieldov 1dyog T tijs Oénvog énddozag b.

3aoxriy} 2u*
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1.
Ad libr. X prop. 1.
"Aldiwg To o Deognue.

’Exxsl6da@ 0v0 usyédn awvice ve AB, I xal émel
éAaaoov ot 1o Iy, moddamdaciatousvov éoven word Tod
AB peyédovg psifov. ypeyovérm mg o ZM xal Ouy-
onede &g [ta] loe t I, xal éotw 1o MO, OH, HZ,
xal awd voi AB deneiedw usifov 7 1o Ruev o
BE, xal dno ot EA ucifov 1 1o fuiov 16 Ed, xal
tovro ael pwéodw, Ewg af év v ZM diugéoelg ioar
yévovrar tais év 19 AB dwapéseoww. peyovérmony
og al BE, EA4, A4, xel 10 4A Eaerov tov KA,

AN, NE ¥lorw isov, xal tovro pwécdw, éng af Suae-

géoeig o K& loar yévavrar taig ot ZM.

Kol énel ©o BE psitov 1 v fjuev éore vov BA,
10 BE peifdv éove vov EA* moddg &ge ueifov éore
100 AA. dide ©o 44 loov dorl 5 EN' vl BE doa
ueltov éove oo NJE. mdlwy, émel vo EA psifov 7 vo
Nueov éove tov EA, peifdv éove ot JA. dlde ©o
A4 A éovwy loov 1o NA' 16 EA dga psifov éore tov

1. Post dgaigovpsve p. 6, 10 habent BFVb, mg. m. 1
postea add. P.

1. 70 " Sedonue) om, V, 76 avté BFb (mg. « B). 2,
#elodw V. 3. flatrov F. 5. 7d] (prius) om, P. I'] corr.
ex 4 B. xal fotw] om. FVDb. HZ] IZ F. 6. 4] m.
2P. 7. BE]inras. V. %ael — Edlmg. m. 2 V. E4]



1.
Ad libr. X prop. 1.
Aliter primum theorema.
Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I' < 4B, multiplicata aliqguando I"
44E B p  maior erit magnitudine 4 B. fiat
l—t—t—— ——— ZM et in partes magnitudini I"

M & = z aequales diuidatur, et sint M@,
E—— ®H, HZ, et ab 4B auferatur
4 N5 BE maijor dimidia et ab EA

maior dimidia E4, et hoc semper deinceps fiat, donec
diuisiones rectae Z M diuisionibus rectae 4B numero
aequales sint. sint BE, Ed, 44, et sit
KA=AN=NF=AdA4,

et hoc fiat, donec diuisiones magnitudinis K& diui-
sionibus rectae ZM numero aequales sint.

et quoniam BE > 4y B4, lerit BE> E 4. itaque
multo magis BE > 44. uerum A4 = EN, itaque
BE> Ng. rursus quoniam E4 >4} E A, erit EA> A A.
verum JA4 = NA. itaque Ed4> NA. itaque tota

AE P. 8. ¢&¢/] om. BFVb., qpuyvécf®w F. 9. dimeécea:

BFVb. 10. zd] corr.exzé m.2V. 11 yiyvéodo 9. Eag]

fog &v Vo. af] om. ¢. 12. yévovtar Pp.  taig] els

Tdg . 18. BA] corr. ex ABm. 2 V. 14. ©d¢] 6 8¢ B,

100 Q. 4oti] (prius) om. F. 16. Tov — peifor] om. B.
17. zo% d4 — 18, lcov] 16 EA — peitov 8¢ dore 10 44 ¢.
18. loow dot/ Vb. Ed] in ras. V,
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N4. 6dov coa ©0 AB ueifov éore rov EA. igov
0t v0 44 vo AK. Olov dga to BA peifdv éom
rov EK. dAde tov BA peifov dove 10 MZ' moidd
doou 10O MZ ueitov ot vov EK. xel émel ve EN,
N4, AK ioa aidjhois éotiv, é6vi 8t xal Ta MG, O H,
HZ iea dldnhoig, nai oty icov to mAfjdog tav &y
v MZ ©¢ mdide vdv v 16 EK, iotw &oa og 10
K 4 mpdg 10 ZH, otrwg 1o K5 meog 160 ZM. psttoy
0 10 ZM rot KE' peifov doa xal 10 HZ vov AK.
xel dove o ptv ZH igov ¢ I'y, ©0 0t KA v A4
10 I' &ou peifov éove 1o A Omsg éde dsitou.

2.
Ad libr. X prop. 6.
"AAwg Td ¢

Avo yag ueyédn va A, B mwpdg &Adnia Adyov égéra,
ov doududs o I' mog apidudy tov 4° iépe, 0t 6Uu-
uerpd doti ta peyédn.

Ooar pag elow év v I' povddes, &ls rodaire loa
dingriode ©o A, xal évl avrdy igov fovw 0 E* éotv
doo dg 1 povag mpog tov I deududv, 6 E meog 10 A.
éote 0 xal og 6 I’ meds tov A, 10 A medg ro B-
0.’ leov dpo dotlv &g 7 povag medg Tov A, ©o E
7weog ©0 B. upergel 0% mal N povag tov A usteet
doa xal 70 E 10 B. pergel 0% xal 10 E v A, émel
xel m poveg vov I 10 E doa éxdregov tov A, B

2. Post deifor p. 22, 2 BFVD, mg. m. 1 P.

1. 4B] B4 P. 2. o] (prius) zé B.  ©é] zod b, 3.
t6] corr. ex tov m. 1 F. 4. peitor dove w0 MZb. 5. 4K
KAainras. V. 6. HZ])ZHPF. 1ov évegog MZIm. 2 V.

7. 6] (alt) ooy vg PBFb. EK] 5 in ras. V. 8. ©d]
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AB> F A est autem 44 = AK., itaque tota
B4 > EK. uerum MZ > BA4. itaque multo magis
MZ>EK. et quoniam EFN = NA = AK, et
M® = OH = HZ, et numerus partium rectae MZ
numero partium rectae K aequalis est, erit
KA:ZH=KE:ZM

[V, 15]. est autem ZM>K 5. itaque etiam HZ> A K
[V,14]. et ZH=T, KA=A4d. ergo I'> A4,
quod erat demonstrandum. .

2.
Ad libr. X prop. 6.
Aliter propositio VI
Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum 4. dico,
magnitudines commensurabiles esse.
nam quot sunt in I' uni-

A (= . .

g tates, in totidem partes ae-
B! ' P quales diuidatur 4, et uni
I ! At

earum aequalis sit E. itaque
1:"'=E:4 [V, 15]. uerum etiam I': 4 = 4 : B.
itaque ex aequo est [V, 22] 1: 4 = E: B. unitas
autem 4 metitur. itaque etiam E magnitudinem B
metitur. uverum etiam magnitudinem 4 metitur E,
quoniam unitas numerum I" metitur. itaque E utramque
A, B metitur. ergo 4, B commensurabiles sunt, et

(primum) om F. KE]cor.exEKm2V. 10 4414V

e corr, V] 76 avzé F. 15 gloe F.  18. tov 4 PB.
19. tow] 26 F , om. b, A ¢. 10] wov B. B A F.
21, 7ov B B.  xal] om. FV d%m 2 F, seq. & v&pov

corr. ex uquﬂudg 22. pezpel 65 #wel] om. PB gyszqu

0t nal 70 A, émel wal 7 woveg tov I'mg. m. 2 B
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uergel’ 1@ A, B dpa ovuuerga éoviv, xal 6Ty avTdY
x0wov uérgov v0 E° Omeg £0er detfau.

3.
Ad libr, X prop. 9.
"Aliwg o 9.

'Emel yap ovupergds éorw 7 A tf B, Abpov ¥ys,

5 0v agududs medg doududy. éyévw, 0v 6 I' moog ToV
A4, xal 6 I' éavrov pdv moddamdadidoas tov E mowslro,

6 0 T zov 4 moldamdedidoeg tov Z moitirwm, 6 O
A éavrov moliamiadiacag tov H moceslrw. Emel ovw

6 I' éovvov pdv moliemdaoidcag tov E memolnxev,
10 Tov 0% 4 moldamiaciacag tov Z memolnxev, Eoriv doo
o 0 I' mpog vov A, tovréeriv wg 9 A mpdg viv B,
[ottwg] 6 E mgods tov Z. ail’ &g % A mgog v B,
ovrwg 0 and vijg A meog té6 Umd rov A. B Eetw
doa og 0 amd vig A meds T vmd rov A, B, otrewg
156 6 E medg tov Z. malw, émel & A favrov morle-
whaciéoag tov H memoinxev, 6 02 I’ tov 4 molia-
nhediddag tov Z memolnnev, forwv dga g 6 I' mgog
tov A, tovréoriv og 9 A meds vy B, otrwg 0 Z
mwoog tov H. ald’ @g 1 A meds v B, ovreg to
20 U0 v A, B mpog 0 and tijs B* forww doa g To
Vw0 tov A, B mpdg 1o dno 15 B, ottwg 6 Z medg
zov H. &Ad’ &g 70 and vijg A mgog ©0 vmo rdv A, B,
ottwg v 6 E moog tov Z* 00 Idov dpe dg To dmo
g A mpog 16 dmd tiig B, ovrwg 6 E mpdg vov H.
25 fote 0% éxdregog tov E, H revgaymvog' 6 udv pag E

8. Post deifpcy p. 82, 3 BFVb, mg. m. 1 P.

1. douv] (prius) dors BV, comp. Fb., 2. dmee #0ec deikon
comp. F?, om. BVb. 8. 76 &'] om. B. 5. I" mgds wév 4

T
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communis earum mensura est E; quod erat demon-
strandum.

3.
Ad libr. X prop. 9.
Aliter propositio IX.
Nam quoniam 4, B commensurabiles sunt, rationem

habent, quam numerus ad numerum [prop. VI]. sit
A:B=TI:4, et I' se ipsum

;'—'—'_'_'—' multiplicans efficiat E, I' autem
e numerum 4 multiplicans Z, 4
I f . Y
autem se ipsum multiplicans H.
A ' iam quoniara est I' >X I' = E,
— I><Ad=2Z, erit I':d—=E:2
fl' ' [VII, 17], hoc est E: Z = A4 : B.
i

' uverum A:B = 4%: 4><B. itaque
A*: A><B=E:Z. rursus quoniam est 4 >< 4= H,
I'><d=2Z, erit I'' 4=Z: H [VII, 17], hoc est
A:B=2Z:H uerum A:B= 4> B: B itaque
A>XB:B*=1Z:H erat autem A*: 4><B=E:Z.
itaque ex aequo [V, 22] 4*:B* = E:H. uerum uterque

tole mpog 10v A tésoagx F, sed corr. m. 1. 7. 6 8% I' tdv]
tov 8¢ BFVb.  moielrw] om. BFb. 9. memofgue b 10.

zov] (prius) corr. ex ovm 1V, 12 ovrcog om, P. ovra)g
— tr)v B] om. B. 20. gnw aga g 1:0 vmo tov 4, B medg
70 Ao tngB mg b, 22. ¢wo tijc 4 medg to] m, 2 V (zo5 pro
8 ). B” F. Deinde del m. 2 meés 76 amo tig B V.

23. Z] maut. m HF. Post dpe add. éoziw b, m. 2 F. 25,
#orv B.
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dno vov I' éovww, 6 0t H dmd tov 4* ©d amd vijg A
dox mgog To amo thg B Adyov fye, Ov tevgdymvos
agududs meds Tergayovov doududv. Omeo Ede deifar.
"Adhe 0 éyfre v0 amd tijg A meog O amd Tijs B
Adyov, ov rerpdywvog aeududg 6 E modg terpdymvov
aoidudv tov H* Aépw, Ove avpuereds éovwv 1 A ©f] B.
"Eete pag tov utv E mievga 6 I, rov 08 H 6 A4,
xal 6 I' tov 4 moldemhacideag 1ov Z moeiter of E,
Z, H doa &g elow avdioyov év 16 1ot I’ medg Tov
4 Aye. xel énel Tdv and tov A, B pioov avdioydv
éote 0 Vo tév A, B, rav 0 E, H 6 Z, ¥orww &pu
s 70 awd tig A medg 0 Vmo vév A, B, ovrwg 6
E mog vov Z. g 0% 10 Umd vév A, B meog to amd
tijs B, ofrwg 6 Z mpog tov H, dAl’ g 10 dnd tijg A
7pog 10 vmd tov A, B, obrwg § A meog tiy B. af
A, B #&ga ovuuergol elowv: Adyov pog Ejovewy, ov
agdudg 6 E mpodg aoududy wov Z, roviéerv ov 6 I
noog Tov A°* g yoe 6 I medg wov A, 6 E medg tov Z°
0 yag I' éavrdv ptv moddamdadideas vov E memoinxev,
1ov 0t 4 mordemdacidons tov Z memolnnsv: Eonv o
wg 6 I' mpog tov 4, 6 E mpdg tov Z.

4.
Ad libr. X prop. 10.
Ty, doe mooredeloy evdele ©ff nril, 4@’ g Epaucy
ra pérga Aaufavecdas, olov v A, meossvgnrar Ov-
vduer udv ovppergog 1 4, tovtéore §nry dvvdues uévov |

4. Post § E p. 84, 56 PBFb; mg. m. 1 V, add. =efuevor,

3. a(wﬂp,og'] comp. corr. ex comp. mgos m. 1 F. 6, Post
B add. pyjusr V, m. 2 B 7. pév] om. b 0] (prius) 7
COrT. €X 0, supra. ser. 6 F; 7 b, 10. tdw] corr. ex zo
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E, H numerus quadratus est; est enim E=1TI"% H= 4
ergo A°:B® rationem habet, quam numerus quadratus
ad numerum quadratum; quod erat demonstrandum.

Iam uero 4%:B® rationem habeat, quam numerus
quadratus E ad numerum quadratum H. dico, A et B
commensurabiles esse.

sit enim I' latus numeri E, 4 autem numeri H.
et sit I'><x 4 =1Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est £2°: A>XB=A><B:B® et E:Z=2:H,
erit A°: A><B=E:Z. e¢st autem 4><B:B*=Z:H
et 42: 4>< B= A:B. ergo 4, B commensurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
{prop. VI], hoc est I': 4. nam I': 4= E:Z; est
enim I'}X'=E, '’ 4= Z [VII, 17]; quare
ri4a=E:2"

4.
Ad libr. X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [efr. p. 2, 10 not. crit.}, uelut 4, in-
uenta est 4 potentia commensurabilis, hoc est ra-
tlona,hs potentia tantum commensura.blhs, irrationalis

1) Hae a,mba.ges, wg 8¢ lm 13 — H lin. 14 et ag yep
lin. 18 — zo» Z lin. 21, a Gregorio in codd. deesse dicuntur;
in meis tamen ombibus legunt.ur

11. dort] elow P.  16.&l6e V, comp. Fb.  yde] m.2F, 17.
6v) om. F. 18. Z] e corr. m,1b. 19, Post I' ras. 1 lith. F.

nemolyne V., 21. oftwg 6 E V. Post Z add. dmeg #des
deikar F V. 22. meooredeloy PV. énvii] gn- eras., deinde
mg. m. rec. xelpevoy, mgocevonvras p. 34, 3 — N E p. 34, 5 B
addito Smsg £0s1 deifon et deleta rehqua arte propOSlthm&

23. ofovei BVb, yo. oldv domw 7 4 mg. Fb.  mooondenron
BFb. 24, psv] povoy B, udv 5 F.
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ovupergog, dAoyog 0t 1 E. addyovs pap xaddlov
nadel Tag xal pfrel xal dvvdue dovuuérgovs T ¢nTi.

5.
Uulgo X, 13.

Elg ©o o’ Ajpue éx 155 &ls dvomov amayeyig.

‘Eav 77 0vo uepédy, xal 70 plv ovpuetoov 7 76
avtg, 1o 0% frsgov dovuuergov, dovupcron oTor To
wEYEd.

"Eotw pop dvo ueyédn ve A, B, dddo 8t zo T,
xel v0 piv A vg I' ovupergov é6tw, ©0 0 B v I
acvppergov. Afyw, St xel ©6 A4 6 B acvuucrody
doTuy.

El pag éore evpucroov t6 A té B, dove 0t xal
© I' 796 A, xal ©0 I' oo vd B avuucroov éeriv:
Snep ovy Uminsivar.®

6.
Ad libr. X prop. 18.

‘Prvag pag xedst tag v fxxeipdvy gnry fvor wojxss
xal dvvaust cvuuéroove 1 xal Ouvvdust povov. &lal
0% xal &Ader eV@slan, ab prjxes udv devupergol eloL Ty
Suxepévy ey, dvvauer 0% pdvov e¥uueroor, xal O
Tovro walwy Adyovrar $yral xel ovupergor brods ai-
Ajdag, xed’ O fmral, ¢iia evupstoor mEdg dAAfieg

6. Post deifer p. 88, 6 BFVb, mg. m. 2 P. 6. Post
edpperoos p. 58, 3 PBF VD,

1. gvppereos] om. V, m. rec. P. {yaq 2. Post énzjj
eras, ovuog P 3. slg 70 ty’] om. FV stg — draywyis)
mg F, 1y” in ras. B, mg. é Mo ijppe; in F numerus eras.

80 peyédn 4 F. 0, 3] postea a.dd F m. 1. 5.
d‘ BFb 8. I'} (prius) ydppa F. 11, dovppsrooy F, sed
&- eras. 12. I'] (prius) corr. ex A4 V. 4] corr, ex rv.
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autem E; irrationales enim omnino uocat rectas rationali
incommensurabiles et longitudine et potentia.

5.
Uulgo X, 13.

Ad prop. XIII lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.

T sint enim 4, B duae magnitudines,
}‘ l alia autem I', et 4, I' commensurabiles
B 1 sint, B, I autem incommensurabiles. dico,
A4 etiam 4, B incommensurabiles esse.

nam si 4, B commensurabiles sunt, et etiam I, 4
commensurabiles sunt, etiam I, B commensurabiles
sunt [prop. XII]; quod contra hypothesin est.

6.
Ad libr. X prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles aut longitudine et potentia aut po-
tentia tantum. sunt autem aliae!) quoque rectae,
quae rationali propositae longitudine incommensura-
biles sunt, potentia autem tantum commensurabiles;
quare rursus uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
autem inter se aut longitudine et potentia aut po-

1) Hoe quid sibi uelit, non intellego.

B] 4? P.  dovppergov F, sed corr. 15. xa/] (alt.) om. b.
18. sloww dovppsroor F.  eloww B.
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firoe unnet Onredy xal dvvduer 7 dvvdue udvov. xal
e pdv uins, Afyovier xol avrel ¢yral wixe ovu-
peTgor Emaxovousvov, Ote xai dvvauer & 0% Ovvaust
udvov mpog aAdjleg &lol ovpuctoor, Aéyovrar xal
attal olrwg ¢nral dvvauer udvov evupstgor. Ori OF
af ¢yrel ovuppetol slow, dvrevdev dfAov dmel yag
¢nral slow af ©f) éuxeipévy i ovpuergor, Tt 0t T
avTe ovpperon xal aiifloig dori ovpusto, of doa
¢nral evuucrgol clow.

7.
Ad libr, X prop. 20. -
Afppe.
‘H dvvaudvn ddopov ywelov &ioyog éotwv.
dvvdede yee 7 A &dhoyov ywelov, tovréoTt To
ano vijg A tevgdyavov loov E6re didym ywolm. Afyw,
ote ) A &hoyog éoTuwv.
E¢ pap Zovaw fnry 7 A, $nqrov ot xei to an’
avrijg TeTedywvoy’ oUrwg pdo [éomiv] év rolg Ggoig.
ovx &ore 8¢ dAoyog &g fotlv q A Omep Ede dsifor.

8.
Ad libr. X prop. 23 corollarium.

Eiol 0% mddww xal &Ahor ev@sion, of pifxer udv

7. Post £Efig p. 60, 13 PBFVb. 8. Post cvppstoor
p. 68, 22 PV, mg. m 2 B. :

1. xal] (alt.) om. b. 2. ¢nrel] om. V. 3. &l] om. b,
5. ovzwg] om. BF VD, Post evpperoor del. eloww m. 1 P.
8ti — 6. eloww] mg. m. 1 P. 6. dvredder] &v- in ras. m,

1P Oflov dvreddev F.  Imel) Gu b, mg. m. 1 yp. dxmei

yue S to P’ rov ', 9. eloww] elor b, eloww: omeg #det
etk V. 11, ‘H] om. V, add. num.€'. 46t BV, comp.

Fb.  18. foov f{orw] supra scr. m, 2 V; om. BFb,  didye

zwelp] corr, ex dloyoy foro V, &loyov forw Bb, Zote dloyor K.
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tentia tantum. et si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, subaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles nocantur. rationales autem commen-
surabiles esse, hinc manifestum est: quomiam enim
rationales sunt, quae rationali propositae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XII),
rectae rationales commensurabiles sunt.

1.
Ad libr. X prop. 20.
Lemma.

Recta spatio irrationali aequalis quadrata irratio-
nalis est.

nam A° spatio irrationali sit aequale. dico, A ir-
rationalem esse.

A———— nam si A rationalis est, etiam 4°
Bi—— rationale erit; ita enim in definitio-
r— i nibus est [def. 4]. at non est. ergo
A irrationalis est; quod erat demonstrandum.

8

Ad libr. X prop. 23 coroll.
Sunt autem rursus aliae!) quoque rectae, quae
1) Sec. praeter rationales, de quibus u. app. nr. 6.

15. foton] dom V.  16. douv] om. BFVb, 17, fomw B.

&oo] m. 2 F. 7 A4 dorty BF Vb, Gmso Edee 6‘s£§w]
om. B. 18. eloly P. elol 8¢ — p. 886, 7. dvvapsr (prius)
punctis del. V (cfr. p. 69 not. crit.).

Kuclides, edd. Heiberg et Menge. III._ 25
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agvppsTeol slow Tij uéey, dvvapst 8% udvov evuusrgor,
xal Adyovvar maliy péeéar vk 1O Gvupergor sivar dv-
vause vfj péen xal eVuusrgor mEos dAAjAeg, xwdd
uéoa, aAla ovpuergor mweos arifjiag fror wajxer OnAady
xal dvvduer 7 dvvduse povov. xal & pdv wixee, Aé-
yovrar xal atrol péeas wixe ovupsrgor Eroudvov Tod,
Otu xel Ovvdue” e 0 Svvaus udvov &lel evuusToo,
Adyovron xal ovrwg ufowr Svvduse udvov evuuergor.

Ot 0t af péoar ovupergol elowy, otrwg dsixriov.
émsl af péoow péon vl evpusrgol slaw, rTe 0% o
avrd ovuusroa xal @lijiowg fovl ovuuetoe, ol &oa
péoar avpuerool elauw.

9.
Ad Libr. X prop. 27.
Aijppe.

dvo coududy Oodévrav év Adyep Omolpovv xul
&Adov Twog Ofov moufiGar dg TOV apLudy mdg TOV
doududy ofrwg rotrov meog GAlov Tivd.

"Eotacay of dodévreg O0vv agiBuol of AB, I'd
Abyov Eyovreg medg aAdijlovg dmoiovovw, &Adog 8¢ Tig
6 TE. 8¢l mouijear 10 mooxelpsvor.

‘Avayeypagpdo yop vnd réov AI'y, T'E magalinid-
yeaupov Sodoywviov ©6 AE, xal 1 AE loov mage
w0v AB magafefliedo mapadinicyeepuov 10 BZ
whdrog motovv iy AZ. Imsl odv leov fotl 1o AE

9. Post dsifer p. 78, 13 V.

1. gloww P. 9. 4zt — 12. sley] etiam in mg. sup. m.
rec. B. 10. o BV. 18 l7juye] m. 2 V,
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, guatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensurabiles uocantur, cum per se sequatur, eas
potentia quoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
uocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicui mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quoque commensurabilia sunt [prop. XIIJ,
mediae sunt commensurabiles.

9.
Ad libr, X prop. 27.
Lemma.

Datis duobus numeris in quauis ratione et alio
quodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hic ad alium quendam.

Sint 4B, I'4 numeri dati rationem quamuis inter
se habentes, alinus autem aliquis I'E. oportet efficere,
quod propositum est.

describatur enim parallelogram-
4 B mum rectangulum JE=AI'><TIE,
4 et spatio 4E aequale rectae 4B

adplicetur parallelogrammum BZ

latitudinem efficiens 4 Z. iam
25"

z
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nagaiinioyeapuov v BZ megalinioyoapuem, Eore 0}
avtg xal (Goywviov, tdv 0t lowv xal (doywviov
wagedindoppaupoy avumendvdacw af xlevoal ol meol
teg l6ag powving, dvdloyov doo é6tlv dg 6 AB meodg
tov I'd, ottwg 6 I'E meds tov AZ" Omep £der deifau.

10.
Ad libr. X prop. 29.
Afjppe elg 1o %9,

Vo agdudy Sodéviav xel evdelug 0éov moijoar
g TOV aeududv meog TOv dududy, olrwg TO amod THg
£0dslug TETQUYOVOY TQEOG TO A HAAng Twdg.

"Ectwoav of dodévreg 0vo dgiBuol of 4, B, svdeia
0t 7 I'y xed 0éov éovl moufjouw 1O mooxelpsvov. me-
novjedm pyag dg 6 A meog tov B, 5 I' sbdsie meog
Gy twe gy A, nal edjpde tov I'y, 4 uéey
avdioyov 1 E. énel odv dotwv g &6 A medg rov B,
7 I' ebdela mpog mqv 4, dAd’ &g § I' mgog v 4,
0 ano rig I' mpdg o dnd vijg E, wg dea 0 A medg
76v B, ©0 amd vijg I' mpog 16 and wijg E tergdyavo.

11.
Ad libr. X prop. 31.
Afjppe gl 1o Ao’

‘Edv dor dvo evdsior év Adpe i, éorar dg 7
evdeia mweog Ty ebdelay, oVrmg 1O VO TEY dvo meds
70 dmo tig Aaylorng.

"Eerwcay 07 0vo evdsiar af AB, BI' &v Aéye wvi
Aéyw, du dorlv og | AB medg v BI, otrwg 70

10. Post prop. XXIX p. 88,18 V. 11. Post prop. XXXI
p 92,24 V.

4. AB] e corr. V.,
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quoniam JE = BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangulorum
latera angulos aequales comprehendentia in contraria
proportione sunt [VI, 14], erit 4B:I'4d =TE: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX.

Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita guadratum rectae
ad quadratum alius alicuius rectae.

Sint duo numeri dati 4, B, recta

A= autem I'; et oportet efficere, quod

B ! propositum est. fiat enim 4:B=1":4

r ' [prop. VI coroll], et rectarum I', A

; ' ' ' media proportionalis sumatur E[VI,13].
I

iam quoniam est 4:B=1:4,
D:d4=T?%:E%[V def 9], erit 4: B=1I": E2

11
Ad libr. X prop. 31.
Lemma ad prop. XXXIL

Si duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad gua-
dratum minimae.

Duae igitur rectae 4B, BI" in ratione aliqua sint.
dico, esse 4B: BI'= A4AB > BI': BI"®*, describatur
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vm6 vav AB, BT modg ©d and vijg BI. avayesypdpde
yag awd vijg BT verpdymvov ©0 BAEIL, xal ovp-
nemAnewado 10 AA mageliniiygaupov. @avegov 07,
ot dotlv wg 7 AB mpog Ty BI', obtwg 10 AA
nepaiinddpgoupoy meds 10 BE magadlnidypauuov.
xal ot T0 plv A4 ©o vnd tov AB, BI" ioy yag
0 BI' vy B4* ©6 0 BE 76 and vijg BI™ dg &g 3
AB mpdg vy BT, otramg t6 vmd vév AB, BT meog
©0 énd viig BI™ 8mep &0er Osifou.

12.
Ad libr. X prop. 32.
Afjupoa glg to Af.

'Eav @06 toels ebdsiow év Adpw mwi, ioveu g 1
QAT MPOG TRV TELTNYY, 0UTmg TO VIO THg WYWTYG Netl
péong medg 0 Vmd wiig péong xel éhaylorys.

"Eerwoay tosls evdeim év Adyp vl of AB, BT,
I'4" Aéyw, v éovlv @g ) AB medg v I'd, olrwg
70 Un6 tév AB, BI" mgog 0 vmo rov BI, I'd.

"Hydw yap ano vod A onuslov v) AB mpog dedag
% AE, nel xelodw vij BI' len 7 AE, ol 6ux tov
E enuslov tfj AA ebdele mapdiiniog fizdo % EK,
dix 0t tvév B, I,  enuslov tfj AE mapdiinior 4jy-
dawcay of ZB, 'O, AK. =xal énel devv g 7 AB’
npog v BT, olrwg 10 AZ magaiinidypauuov mwedg
v0 BO magadinidygappov, og 0t 7 BI" medg tyv I'4,
ottwg 10 BO® mgog vt I'K, 8/ loov dga ag % AB
ngog v I'd, otrwg t0 AZ magaiinidyeaupov meodg

12. Post prop. XXXII p. 96, 8 V, mg. m. rec. B,

8. Post A4 ins. 'm. 1 V. 4 Ad] Aeras. V. 7. zijg)
inras. V. BI'l)Tecorr. V. 12 76 ¥nd] in ras. V.
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p enim in BI' quadratum BAET, et
expleatur parallelogrammum A4 4.
manifestum igitur est, esse

4 E AB:BI= A44:BE [V], 1].
et est 44=AB><BI (nam BI'=Bd), BE=BI".
itaque erit AB:BI'= AB > BI': BI'*; quod erat
demonstrandum.

12.
Ad libr. X prop. 32.

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI'y, I'd in ratione aliqua sint.
dico, esse

AB:T'd = AB > BI': BI'>< I'4.

ducatur enim ab 4 puncto ad 4B perpendicularis
AE, et ponatur 4E =BT\ et per E punctum rectae
4 B I 4 A4 parallela ducatur EX, per
puncta autem B, I', 4 rectae 4E

I parallelae ducantur ZB, I'®, 4K.
et quoniam est AB:BI'= 4Z:BO
[VL, 1], et BI''T'4=B@®:I'K [V], 1], ex aequo erit

E zZ O
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10 I'K nmagalinidpoapuov. xel éote ©o udv AZ to
vwd tov AB, BI' iloy yag 7 AE vjj BI" 16 02 'K
t0 9mo rav BI', I'd' iey yag % BI' = I'6.

'Edv Goa voeis wow svdslaw év Adyp mvi, éora
&g 1 wYaTY TG THY TRLTRY, 0VT®S TO VWO THG WEWTYG
xol péons meog O vmO Tijg uéons xal Teirng' Omeg
&0 Ositar.

13.
Ad libr. X prop. 32 lemma.

"H xal v, éov avaypdyouev vo EI' dpdoyaviov
magaiinioygaupor xal evuminedcmousy to AZ, icov
éorar 0 EI ©3 AZ" éxaregov pog adrév Ourldoidy
éori ot ABTI roiyovov. xal éovi ©o putv EI' 16 Umo
vov BI, A4, ©o 0t AZ ©6 vmd wov BA, AT, o
oo vrd v BI, A4 icov éerl v vnd v BA, AT

14.
Ad libr. X prop. 33.
Ajppa elg o Ay’

'Eav ebfeia yoopuy tundy el dvice, éorar ag 4
evdelo meog Ty evdelav, ovrwg TO VWO Thg GAng xel
tijg pelfovog medg TO Vo vijg OAng xal Tijg éAdrrovog.

Eb®cta pap tig 9 AB vevwiede &g dvica xare
10 E° Aéyw, Ot og 5y AE moog v EB, ottwg to
U0 tov BA, AE mgdg ©6 vmd tov AB, BE.

‘Avaysygapde yag dmd tijg AB teTgaywvov T
AT 4B, xal dux Tov E enueiov omotépe tév AL, BA

13. Inter AT et dmee p. 98, 16 PBF Vb, 14. Post
prop. XXXIIT p. 102, 4 V, mg. m. rec. B,

3. I'd] 4 in ras. V. 5. mds — 7. Seifou] nol éEijs B.
8. #] om. FV.  xa¢] nal nuvae b. 9. svpxlnedoousy P,
corr. m. 2. 10. o] corr. ex. e V. 11. EI'l e corr. V.
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AB:Td=AZ:T'K[V,22]. et AZ=AB><BI (nam
AE=BTI"), TK=BI'><XI'4 (nam BI'=I®). ergo
si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-
strandum.”)

13.
Ad libr. X prop. 32 lemma.

-Uel etiam quod, si rectangulum EI" descripserimus,
et AZ expleuerimus [u. fig. p. 97], erit EI' = 4Z;
nam utramque =2 4ABI" [I,41]. et EI'==BI'>< 44,
AZ = BA>< AI. ergo est

BI'><X Ad = BA > ATI.

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
angulum totius ac minoris,

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB=BA> AE: AB>< BE.
describatur enim in 4B quadratum AI'AB, et
per punctum E alterutri rectarum AI'y B4 paral-

1) In B in pag. seq. figura est nostrae similis, nisi quod
litterae 4, E omissae sunt, et pro B est @ adduntur numeri
quidam et oyjpe tov 117pyarog 70D nqoygaqasuog, omnia m. rec.
in textu prop. 32 (ad xal émel p. 94, 11) signo quodam ad
hoc lemma reuocamaur.

6] Té b.  12. zéow) (prius) om. P. 6] (sec.) té b. 14
- &ls 10 7.7] 7@ tod Ad" posten add. B.  16. Zeroe] in ras. V.
18, g 7] e corr. V m. 2.
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nagidiniog fygdw v EZ. qavepdv odv, ov og § AE
7weog v EB, ottwg 10 AZ maguiinldygauuov medg
70 ZB magaiinidyoappov. xai €0t ©O v AZ 7o
V70 tév BA, AE" lon yep ) AT ©fj AB* 6 0t ZB
t0 Umd 1oy AB, BE' loy yap 7 BA vij AB. &g &oa
7 AE mpog tqv EB, otrwg 70 ¥nd tév BA, AE
e0s 10 Umd vav AB, BE' Gmep Ede dcibou.
15.
Ad libr. X prop. 34.
Aijppe.

‘Bov @6 0vo eddelan &vidow, Tundy 8% 5 éhayiory
vty &g lea, TO Tmd TdY Ovo sVPadGy OuwAdeiov
¥orar Tov Tijg pelfovog xal vig Huieslag g éAayloTng.

*Eetweay dvo e0Pelu dvicor of AB, BT, av ueltov
fotw 9 AB, xal vevwiedew % BI' diye xave vo A°
iéyw, 6re 10 Vwd vov AB, BI' duwdaady éore Tov
o tov AB, BA.

"Hy®ao pag and tov B onueiov tfj BI' mpdg dodag
7 BE, xal xeiow tfj BA loy v BE, nal xava-
yeyodpdo 1o oyfjuc. émel ovv domwv dg 1) 4B meog
my AT, ottwg 10 BZ mpdg 10 AdH, cvvdévie dpa
&g ) BI' mpog vy AT, ovtwg 16 BH mpog 10 AH"
dumdaciov 0¢ éovw §) BI viig AT Odumhdoiov dou
éotl xel 10 BH vov0 AH. xol éove v uév BH 7o
vwd rov AB, BI loy yao 1 AB = BE' o 0O%
AH to Vwd vov AB, BA" oy yag vfj utv B4 1 AT,
t) 08 AB 7 AZ' Gmep Eer deikou.

15. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix
legi potest).

4, ZB] BZ B. 5. zédv] om. V. A4B] (prius) e corr. V.
8. ifjupo mooyeagdusvoy B, 19.miv]om. V.  21. 4" I'd B.
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lela ducatur EZ. manifestum igitur est,
esse AE:EB=AZ:ZB [VI, 1]. et
AZ = BA>< AE (nam AI = A4B),
ZB = AB><BE (nam 4B= AB). itaque
erit AE:EB=BA>< AE: AB>< BE;
quod erat demonstrandum.

4 E B
|

N
N—

d

15.
Ad libr. X prop. 34.

Lemma,

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales 4 B,
‘,4 Ba I BI', quarum maior sit 4B, et BI'
in duas partes aequales secetur in 4.
dico,esse AB><BI'=2 4B ><B4.
ducatur enim a puncto B ad
Ez H pp perpendicularis BE, et ponatur
BE = BA, et describatur figura. iam quoniam est
AB: A4I'=BZ: 4H [VI, 1], componendo [V, 18]
erit BI': A4T'==BH: AH. uerum BI'=24T. itaque
etiam BH = 24H. et BH = AB > BI' (nam
AB=BE), 4H=AB>< B4 (nam Bd= 4T,
AB = A4Z); quod erat demonstrandum.
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16.
Ad libr. X prop. 36.

"ExdAs6e 0% avrqv éx dvo dvopdrev dia 7o éx
0vo gnrdy adTyy OvyxelcPar xvgov Bvoua xaAdv
70 ¢nrév, xed O Gyrov.

" 17,
Ad libr. X prop. 37.
’Exdices 0 avry éx Ovo ufoov mewmrny dix 70
onTov meguéyewy xal mootegeiv o $nTiv.

18.
Ad libr. X prop. 38.

‘Exciece 05 avtiy éx 0vo upfewv dsvrépav did o
péoov megiéyewy T6 Un aviév xal upy dyrdv, dsv-
tegevay 0% TO uéGov Tov gnrod. Ote 0% T VmO $yrijg
xel aAdyov megueydusvov &loydv éotwy, dfjdov. & pag
dorar dnrov xal magaféfinrar mwage ¢nriy, &y dv xal
n évéoe avrov mAsvga ¢nry. cAda xal dioyog' Omee
dromov. ©0 &go VWO dnrRg xel dAdpov FAoydv fomuw.

19.
Ad libr. X prop. 39.

"Exciece 0t atrqy pelfova dia to te 4nd tév AB,
BI' ¢nre peifove civar vov dig vmd tov 4B, BI'
péoov, xal 8éov elvar dmod Tig TéY GyTGY olxedTyrog

16. Inter dvopdrwy et omse p. 108, 156 PBFb.  17. Inter
medty et Sme p. 110, 8 PBFb.  18. Inter dewréoa et Gmsg

p- 114, 2 PBFb, pro scholio V m. 1. 19. Inter pslfwy et
omeg p. 114, 22 PBFb, mg. V.

1. éxddeoey PBF. 2. §neiiv] dvopdrov F.  ovyncichar]
neleiodoar F (sed corr. mg.). 4. éndleosv PBPF, 5. mpo-
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16.
Ad libr. X prop. 36.

Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen uocans.

17.
Ad libr. X prop. 37.

Uocauit autem eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad Libr. X prop. 35.

Uocaunit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur. '

Spatium autem rectis rationali et irrationali com-
prehensum irrationale esse, adparet. nam si rationale
est et rectae rationali adplicatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; quod absurdum est. ergo spatium rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.

Uocauit autem eam maiorem, quia rationalia
AB? 4+ BI'* maiora sunt medio 2 4B>< BI', et

regevey F. 6. éxdlsgey PBF. 6] 70 76 FV, 8. 8¢]
(prius) om. V. 9. 467 BV, comp. Fb.  11. nlsvea avrov F.
18. #xddscsy PBF.  15. pécwv PBFD,
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v Svouaciav tdrreaPar. 3ve 0 peitovd ot T dmo
tov AB, BI" 1ot 8lg ¥md 16v A B, BT, ottwg dauxréov.

Davegov plv ovw, Ot dvicol elow of AB, BI.
& yag noav loas, l6a &v Nv xal ta exo tov AB, BT
v Olg 9w tév AB, BT, xal qv dv xal v0 vwd v
AB, BI' ¢gnrév' omeg ovy vmoxsivar’ &vidor dga &loly
af AB, BI. vmoxelodw uslfov 7 AB, xal xslode
tj BT lon 7} B4" ta dga amo tov AB, B4 loa éoul
16 e Olg Vmd vy AB, B4 xel ©H dmd tijs dA.
lon 6t 7 AB tfj BI" v& dga damd tov AB, BT ica
dorl ©e te Olg Vw0 vév AB, BI' xal ¢ amo vijg
A4 &ere T and tov AB, BI' peitova slvar tod
dlg vmd rév AB, BI' t and AA.

20.
Ad hibr. X prop. 40.

‘Pyrov 0% xal uéoov Ovvauévny xadelrar atry dud
76 dvvaedar 0vo ywele, to pdv fnrdv, ©o O péoov-
xal 0ie Ty Tov Jnrov moovmagiy memtov fxdisocv.

21,
Ad libr. X prop. 41.

Kalst 0 avtyy 0vo péoa dvveudvqy dwe to 8v-
vaoSar avty 0vo péon yoele T6 t& Svyxelusvov ix
16y and tov AB, BI xal ©d Olg Umd tév AB, BT

20. Inter JSvwapéwn et omee p. 116, 13 PBFb, mg. V.
21. Inter Svvapévn et dwse p. 118, 17 PBFVb.

1. 8¢) 8¢ xal P. &no’%con’. ex vmé m. 2 F. 2. o¥im0
BVb. 3. 0ov] of¥ doriv ¥. 8. dmd] om=é V. BJ] corr.
ex BI' V. 9. amwo] vmé F.  7ijg] vav F, om. Bb. =~ 44]
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oportet nomen a proprietate rationalium dari. esse
autem 4B? 4 BI">2 AB>< BT, sic demonstrandum est.

4y,  iam manifestum est, 4B, BI'
44 B T inaequales esse. pam si aequales
essent, esset etiam AB®> -+ BI?=24B > BI' et
AB >< BI et ipsum rationale esset; quod contra hypo-
thesin est. supponatur 4B > BI, et ponatur B4 =BI.
itaque 4B*+ BA*=24B>< Bd+ 44% [II, T].
verum 4 B = BI. itaque

AB® 4 BI'*=2A4AB>< BI' -+ 442

ergo AB® 4+ BI™® excedit 2 4B >< BI" quadrato A 4%

20.
Ad libr. X prop. 40.

Spatio autem rationali ac medio aequalis quadrata
uocatur haee, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter princi-
patum rationalis primum hoc nominauit.

21.
Ad libr. X prop. 41.
Uocat autem eam duobus spatiis mediis aequalem

quadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B* 4 BI'® et 2 AB>< BT [u. fig. p. 119].

A4 P, 10, dwd] vmwe F. foe — 12. Ad]m. 2V, 11
and] corr.ex dmo m. 2 F.  12. zd] v6 F.  elvau] Z67e BFVD.

13, émd] corr. ex omé m. 2 F, A44] tijg 44 b et corr.
ex zay 44 F, 14. §nrdv — adry] waleirer 8t evin? V.

dvvapévny BFb, et P, corr. m. 2.  xoleitor adry] adryy
#olel BFb. 16, 7jv] wd» V.  Post mgaror add. o §nrov
BFb, m. rec. P, éndleoe V. 17. xalei — dvvopévny]
om. V. 19. dmo z@v] om. V.  16] 705 P
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22,
Ad libr. X deff. alt.

“Et ovv ovGdY TOV ovtwg xatelapfevoudvev sU-
Bady tdrre. mowteg T vdEee Toels, dp’ dv 1 peltov
ijg éAdaoovog usitorv dvvatar T¢ and cvuusrgov favri,
devrégag O tfj tdka Tag Aoumag toels, &P’ av TG dmo

5 aovuuérgov, 0L TO TPOTEQEIY TO GUUUETPOV TOU AGUU-
pérgov: xal év moatny pév, ép’ fg vo weifov Svouw
cvppetedy dote vfj Exmspdvy Onry, Osvtépav 04, ép’
ng o EAaseov, die 10 mdAw mootegeiv 1O meifov Tob
élacoovos e umeoiéysry to Eladoov, toltyy 0F, ip’

10 &v undévsgov 16V dvoudtev 6Vpuctodv fote Tf éx-
neipdvy Onry. xel énl vov Efg toidv opolws TRV
oty Tijs lonuévng devrépag rakemg TerdoTny xetddw
xal Ty Osvrépay wéumrny xal Ty roltny Extyw.

23.
Ad libr. X prop. 90.

"Eore 0% xal ovvropwregov Osifar Ty evosov THY

15 slonuéveov ¥ amoroudv. xal Oy ferw evgElv TNY
wowdTyy. éuxelodw 7 éx 0vo Svopdrov mewry n AT,
g peitov Svoue 4 AB, xal tij BI lon xelcde 5 B4.
of AB, BI' &ga, rovtéorw of AB, BA, ¢nrel &loc
dvvaus pévov evuucrgor, xal § AB vijg BI', rovr-
20 éoti tijs BA, petfov dbvarar ve dnd Gupuirgov favry,

22. Post fxtn p. 136, 19 PBFb; mg. V, sed add. xefpevoy.
23. Post deifae p. 274, 156 PBFVb.

1. o¢»] m. 2 F, ovtw BFb. 3. Ante cvppéroov ras.

1 litt. B. 4. ©¢) mut. in 6 m. rec. P, corr. ex 76 F, 76 b.
5. acvyysrgov] dovpuiteov Eavzy V. ao‘vyp.etgov] cvppuéroov V.

6. wowzn B, sed corr. m. 1. 7. dsdzsgov P, corr. m.rec. 8.
flarroy Bb, comp. F. 9. éidrroves Bb, comp. 'F. z¢] e corr. V.
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22.
Ad libr. X deff. alt.

Cum igitur rectae ita inuentae sex sint, ordine
primas tres ponit, in quibus maior quadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
- qua maius nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua. neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundam quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quoque inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
i, positum primam inuenire. ponatur 4TI
4 4 B T yecta ex duobus nominibus prima, cuius
maius nomen sit 4B, et ponatur B4 = BI. itaque
AB, BT, hoc est 4B, B4, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et A4B?®
excedit BI'%, hoc est BA%, quadrato rectae sibi com-
mensurabilis, et 4B rationali propositae commensu-

10. éove ovppezgoy BFD, 11. n{] corr. ex émwe/ V. 14
ge’ BVb, fonv B, stonoww FV? 15. &) om. b,
16. 7] (prius) om. PV. 17, éxxelodo V. 18. elay B,

Euclides, edd. Heiberg et Menge. ITI. 26
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xal 7| AB ovuusteds fove tf xxsufvy dmry wixe
amotouy) doa moary éotiv | AA. Opolwg O xel Tog
Aoumes amotopag svroousy éxdéusvor Tog (Ougiduovs
én 0vo Svoudrwv' Omeg e Osifar.

24.
Ad libr. X prop. 115.
"didawsg.

"Eotw uéon v A" Adyw, ot and tijg AL dmeigoe
dAoyor plyvovrou, xal ovdsule ovOeuid TGV WEiTEQOV
N avr).

"Hydw tfj AT mods bodas 1 4B, xal &t Jnry
% AB, %ol cvumeminowodw ©0 BI™ &loyov &pu éotl
to0 BT, xal 9 Svvauévy adro &loyds éetv. dvvdodwm
avrd § I'A4* dhoyog dga fotlv 1) I'A. xal ovdsuit
Tdv molregov 7 avmi* To yap am’ ovdsuidg THY WES-
TeQoy mage ¢nray magefeAdousvov widrog moisl uéony.
nely ovumeninowodw 1o Ed: dlopov &pa éotl To
Ed, xoel 3 Svvepévy avtd &loyds domwv. duvwdede
attd § AZ° dhoyog Goa éarly ) AZ. xal 0V0suid TV
moTEQOY. ) alTi) TO Yoo am’ oVOsuiis THY WPOTEQOV
waga ¢nriy megafalldusvov mddrog mowsl Ty I'd.

‘Ano uéong doa dmeigor Ghoyor ylvovrai, xal ov-
dsule 0Vdeul Tdv modregov % vy doTiv: Omep Edse
dsikou.

24. Post deiker p. 370, 28 PBFVb.

8. éxGépsvor] v e corr, P.  tdg] om. V.  sloeoiduovs B.

4. 0ms@ €01 deikar] om. BF Vb, comp. P. 7. ylvovrar V.
ovdepie] om. PFV. 8. 5] deuv 7 B. 10. dloyov] in
ras, .  &loyor — 11. BT'] mg. m. 1 P, 11. éezc PBV,
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rabilis est [deff. alt. 1]. ergo 44 apotome est prima.
similiter igitur reliquas guogue apotomas inueniemus
expositis rectis ex duobus nominibus einsdem numeri;
quod erat demonstrandum.

24,
Ad libr. X prop. 115.
Aliter.

Sit A" media. dico, ab AI irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.

Ducatur 4B ad AT perpendicularis, et rationalis
sit AB, et expleatur BI. itaque BI irrationale est
[prop. XX], et recta ei aequalis quadrata irrationalis
A4 I 4 zZ est. sit 4= BI. itaque I'd
' irrationalis est. nec ulli priorum si-

milis est. neque enim ullius priorum

B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed. itaque EJ irrationale est [prop. XX], et recta
ei aequalis quadrata irrationalis est. sit 4Z*=E4.
itaque A4Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum quadratum rationali ad-
plicatum latitudinem efficit I'A.

Ergo a media irrationales numero infinitae oriuntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. otiw] comp. Fb, dous PBV.  20. dmo zijg
Bb, 7ijg add. m. 2 F. ~ yiyvovraw B.  ovdepla] om. PFVD,
21. oddeplor g, éot1v Gmee #ds Osifen] om. BFD,

26%
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25.

‘H 1jj éAdocove cvpuergos Aacomv oTiv.

"Eotw éieocov 3 A, xol vij A ovuuergog [é0rw)]
% B* Adyw, 6 7 B éidoowv deriv.

KeloBw ¢nryy q I'd xel v ano vijs A iGov megd
v I'd magafefiijodo 10 I'E mietog moiodv taw
T'Z: amotous) éoa éotl vevagen 7 I'Z. 6 0% ano vijs
B i6ov maga v ZE magafefinedo 1o ZH widrog
nowoty iy 26, émel ovw ovuusteds dotiv 1 A T B,
evpusToov dga foti xal 10 dmo vig A td and tis B.
ddde té udv and g A loov fotl 0 T'E, ¢ 6
and tijg B icov éovl v6 ZH' eVuuergov dga foti
70 TE ©$ ZH. ag 0% 10 I'E mgog 16 ZH, olrag
dotlv 9 I'Z mgog vy ZO° ovupergog &pa Zotiv
W I'Z v} ZO winer. dmoroun 0¢ éoru revdgry o I'Z:
dmoroun doa uti xel 7 ZO tevdorys 1o HZ dga
neguégerar vwo i vijs ZE wal dmoroutg tevagrmg
tiis 26. dov 0t ypwplov megéymror UmO $nrijs el
amoroudjs TeTaQTRg, T TO YWElov Ovvaudvy éldécov
dotiv. Ovvaraw 0t v0 ZH % B éidoowv dou Zotiv
n B. Omeg £0& Oetbo.

25. Alia demonstr. prop. 105, post nr. 24 PFV, mg. m.
1 b, m 2 B, inV etiam ad prop. 106 mg. m. 1 (V,).

1. #ldewg 0 o5 V,, af' b, e’ B; e’ F, oif’ m. 2.
{ldrroy F. 2. #ldtzwy F.  fotw] om. PV. 8. dovl P,
comp. V, et postea ins. ¢. 4. dxuslofw BLV,. {dnm) 9
I'd] yae i T'd §nwj BV, 9§ I'd §neip b, 5 T'd F. AE 4 ¢.
6. v¢] 70 PB. 7. Post ZE add. I'd P, et V, sed del. 8.
tjj Bl corr. ex BHBm. 1 V., 9. é6z/] om. BFbV,. 1:96}

corr. ex t6 B, mut. in 76 V. 10. doziv P, om. V,. z6
6 V, et B, sed corr. 11, {67{] om. BFLV,.  zd] corr.
ex o V,. ZH] in ras, m. 1 P. 13. #¢tiv] om. FV,.

I'Z] in ras. m. 1 P.  d6rsy] om. V,. 14, § I'Z] postea
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25.

Recta minori commensurabilis minor est.

Sit minor 4, et rectae 4 commensurabilis B. dico,
B minorem esse.

ponatur I'4 rationalis, et quadrato A% aequale
rectae I'4 adplicetur I'E latitudinem efficiens I'Z.
r z o itaque I'Z apotome est quarta
I [prop. C]. et quadrato B? aequale
rectae ZE adplicetur Z H latitudinem
L efficiens Z®. iam quoniam A4, B
4 E H commensurabiles sunt, etiam 4%, B®
commensurabilia sunt. est autem I'E = 4% Z H == B2,
itaque I'E, ZH commensurabilia sunt. est autem
TE:ZH=TIZ7:7206. itaque I'Z, Z® longitudine com-
mensurabiles sunt [prop.. XI]. I'Z autem apotome
est quarta. itaque etiam Z® apotome est quarta
[prop. CIII]. itaque HZ rationali ZE et apotome
quarta Z® comprehenditur. sin spatium recta rationali
et apotome quarta comprehenditur, recta spatio ae-
qualis quadrata minor est [prop. XCIV]. et B*=ZH.

ergo B minor est; quod erat demonstrandum.

4| B

add. V,. 16, dov/] doriv P.  20) OZ P. 6 HZ — 16.
ZE] mg. m. 2 B, §ney 8t 7 ZE Bb, fnry éney 6t 9 ZE F.

18. éldrray B. 19. ot PVV,, comp. BFb. Zidcowv
— 20. dsifo] om. F. 19, doa] om. P. 20, Smeo #der dsifer]
comp. P, om. BbV,. Inb add. letéow, Gz¢ 5 rovtov tob Heeo-
ofjuarog medrasis 1) avty dom ti 10U @5, 08ev unal &v roig
fow mogaléleimrar, 1) 8 notayoael nal 0 oyjuc oY to adra
slow: yéypamzon OF Zu e nal e’ Ot nal Ruels rovTo MoQn-
zefelnapey.
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26.

‘H tf weta ¢nrod uédov 1d Oldov moiovoy
GUUUETEOg UETE OnTOV wéGov 10 GAov morovad
dotiy.

"Eotw pere ¢nrod uédov 1o OAov mowoboa 7 A,
ovuucrgog 0t avri) n B* Aéyw, 8t B uere ¢nrod
péoov 10 6dov moroved fotTiv.

‘Exxeiodm ¢nry n I'd, xel vé pv and vijg 4 loov
mags: iy I'd megafepiiodo ©d T'E midrog moiotv
vy I'Z" émovour dga dotl mwéumwry 5 T'Z. t 0% amd
i B lsov maga tiy ZE nagafefinede o ZH miavos
motoby iy Z2O. émel ovv G¥pustgds dotw 1 A i B,
ovppeToy oty xal T and vis A TG amd tis B. alde
t ulv amod g A loov 6 I'E, t 0% dmo w3 B
loov t6o ZH* evpuevgov &ga d6vl v60 I'E v ZH-
ovupstoos &oo xel ) I'Z ©) ZO uixe. dmovoun 0F
néunry 5 I'Z: dmovour dpo éovl méumry xal 4 Z6.
$nry 0% | ZE- éav 0% yoplov megiéymror vmd dnrijs
xal amotouijs méumryg, 1 TO ywelov dvveudvn usra
¢nrod uéoov o Slov moovod doriv. Ovwarer 0% TO
ZH 7 B' % B édga 1 pera ¢yrov péoov tod Aoy moi-
ovox ot Gmeg £0s dsifou.

26. Alia demonstr. prop. 106,.post or, 25 PFV, mg m,
1 b, m 2B, in V etiam ad prop. 106 mg. m. 1 (V,).

1 dMas 70 e’ Vy, oin" Fb, a8’ B. 7 — 8. dorwv]
om. V,. 2. Ante psre add. xal avey m. 2 F, xal adey 7 b,
7 F. 4. &t 7 BFbV,. 5. nal vfj 4 odppergos 5§ B V,.

Adyo — 6. fomiv] mg. V,. 6. % B] supra scr. m. 1 )
9. dotlv P.  mépmey doviv F. 12, Bl B4 9.  13. TE}
corr. ex ZE V, ZE b, 16. nal] fotl xal Vy. ZO] corr. ex
re v, re P. 16. mépmry] (prius) om. b. 7] doziy q bV,.
17, §nedy P.  §ney) 0t 9 ZE] om. V,. 19. dgre VbV,
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum medium effi-
ciens est.

Sit 4 recta cum rationali totum medium efficiens,
el autem commensurabilis B. dico, B rectam esse cum
rationali tofum medium efficientem.

ponatur rationalis I'd, et quadrato 4*® aequale
rectae I'4 adplicetur I'E latitudinem efficiens I'Z.
o itaque I'Z apotome est quinta

. r z
- [prop. CI]. quadrato autem B?
aequale rectae ZE adplicetur ZH
I W latitudinem efficiens Z®. iam

quoniam 4, B commensurabiles
sunt, etiam 4% B® commensurabilia sunt. est autem
T'E= A, ZH = B itaque I'E, ZH commensura-
bilia sunt. quare etiam I'Z, Z® longitudine commen-
surabiles sunt [V, 1; prop. XI]. I'Z autem apotome
est quinta. itaque etiam Z® apotome est quinta
[prop. CIII]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B® = ZH.
ergo B recta est cum rationali totum medium efficiens;
quod erat demonstrandum.

comp. BF. 8¢] om. V, 20. 7] (tert.) PVV,, om. BFb.

21. doriw] supra scr. V,. 8nze €08 deifoe] comp. P, om.
BFbV,. Inb add. m. 1: doavros xal todrov tod Hzwerjueros
7 modraoig 7 avry dete i) Tod of , 0b pnv 1) narayoagr nol
70 oyfjpe duslve to avzd slow. fom 8% &y irigm nal oy, Si6
el v wagayéygamrar. sl 0 fvdov o’ #v énetvo dorl ud’
nal éEfig T doimd.
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217.

Mooxelc®w Huiv dsifar, 6t éml TV TeTQA-
yOvOY GYMEETOV AGUuusTeds €otiv % draus-
Tgog Tf] WAevod pajxee.

"Eorw terpdyovov 10 ABI'A, dudustgog 0% evrov
N A Aéyw, 6n ) ['4 dovupereds éote vyj AB uixet.

E¢ pyig Ovvardy, &otw ovuuetgog® Afyw, ore ouvu-
BrioeTon TOV avtdv aeudplv doriov Elver kel WEQLOGOV.
Qavepdv ulv ovw, 81t 70 dwd g A" dumddoiov ToD
amo tiic AB. xal émel ovpuergds dorww vy I'4 ©fj AB,
1) T4 épa mpds v AB Adyov &ge, Ov aguduos meog
agdudy. éyéfvm, ov 6 EZ moog H, xal é6rwcav of
EZ, H é\dyi6ToL 163V 10V atrov Adyov éydvrav avrols
ovx dpa woveg dotlv 6 EZ. & pag Eovow povag 6
EZ, ée 0t Adyov mgog tov H, ov &gz 7 AL moog
v AB, xal psltov 7 AL g AB, psliov doa xul
% EZ vov H douduov" Omeg &romov. ovx dga povdg
dotww 6 EZ° coududg doa. ual émel éovw wg ) I'd
7o v AB, oUtwg 6 EZ modg tov H, xal g dow
10 ano tijg I'A meds ©0 dnd tijg AB, olrwg 6 amd
tov EZ mgdg tov dmd tov H. dumddeiov 0% 0 dmod
15 I'4 7o¥ and tijg AB* dumdacloy dgo xal 6 axd
to0 EZ tob and vov H' dgriog dea éotly 6 dmd 70D
EZ dore nal avrog 6 EZ douidg dotwyv. & yag v
TEQLOGGg, xal 6 am’ avTOV TETEAY@YOS WEQPLEGOg TV,

Post. nr. 26 PBF VD,

e’ b, ex’ B; gus’ corr. in ¢’ m. 2 F. 1. 6m] m. 2 B,

2. cvupeteos F, corr. m. 2. 5. I'4] AT FV.  ovppergos
F, corr. m. 2. 7. mepirzov V. 8. o7t 109 Bb, Zer add.
m. 2 F. 9. zij¢] corr. ex. vov m. 1 b. TI'4] 4T F. 10.
I'4] in ras. V, A F. doa] om. V. 11.°6»] in ras. B.
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217,

Propositum sit nobis demonstrare, in figuris qua-
dratis diametrum latusque longitudine incommensura- -
bilia esse.

Sit ABI'4 quadratum, diametrus autem eius AT
dico, I'4, 4B longitudine incommensurabiles esse.

pam si fieri potest, commensurabiles sint. dico,
fore, ut idem numerus et par et impar sit. manifestum
igitur, esse A" = 2 4B® [1, 47). et quoniam I'4,
AB commensurabiles sunt, I'4 : 4B rationem habet,

4 B Z- quam numerus ad numerum
l [prop. VI]. sit
® m___. Td:4B=EZ:H,
EI et EZ, H minimi sint eorum,
4 r qui eandem rationem habent

[efr. VII, 33]. itaque EZ unitas non est. si enim
est unitas, et EZ:H = AI': AB, et AI'> AB, erit
etiam EZ > H, unitas numero [V, 14]; quod absurdum
“est. quare EZ unitas non est. ergo numerus est.
et quoniam est I'd: 4B =EZ:H, erit etiam
I'A4*: 4B = EZ?: H® [VI, 20 coroll.; VIII, 11].
verum I'4® =2 4 B®. itaque etiam EZ® =2 H*. quare
EZ? par est. itaque etiam ipse EZ par est. nam
si impar esset, etiam quadratum eius impar esset,

EZ] E in ras. m. 1 P. zo» H BFb. 12. H] om. b.

14, &yer 0¢] nal #yse BFb.  medg] (prius) comp. corr. ex
comp. xaf m. 1 F. 16. Post EZ add. poves Bb, m. rec. V.

17. domiv] (privs) m. 2 F. I'4] 4T B. 18. 67} o in
rag. B. 19, T4} I'inras. V. 4B] Binras. m. 1 P. 21,
zijg] 7ot PRV, ¢mé ziig] m. rec. V. zijs] Tod P. di-
nldciov F, Simldowog V. 6] zé Fb. 22. zo#] (primum)
wig F.  23. @doze] -¢ e corr, V. 24, 7p] &v 9w Vp
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émeidrjneg, éov megiogol aguduol 6mocotovy ovvTeddoLy,
70 0} mAfjPog alrdv WEQLEGOY 1), O OAog meQLEGlg doTLv”
6 EZ &ou &ouidg domv. teTuiede Olye xatd o 6.
nal énel of EZ, H éidyiorol elos tév Tov adrov Adyov
éyovrav [avrolg], medror medg aAljlovs slolv. xel
60 EZ é&guiog® meguacog Goo fotiv 6 H. & pag v
doriog, tovg EZ, H dvig duérge mag yae doriog
&yeL uéoog Tuiev” moaTovs dvrag medg aAdjlovs: OmeQ
dovly ddvvarov. ovx doa &gridg doviv 6 H* megLocdg
doa. xal éwel duwddoiog 6 EZ vov EO, tergamiaeiog
dga 6 dwd EZ vov amd EO. duwhdeiog 0 6 amd tov
EZ 7ov amo tov H' dimddeiog doa 6 amd tov H rov
and E®- dgriog bga éovlv 6 dmd vov H. dgriog doa
dix o elonuéva 6 H* dlde xol megioadg” Omep otiv
advvarov, ovx tgo ovuuergds oty § I'A ©fj AB
unxer Omeg Eder dsibou.

"AAiwg.

[dentéov xel érépmg, Ote aovpucTeds doriy 7 TOD
TeTgaywvov OdusTgog T wAsvedl.

"E6te avtl uév vig Oaufrgov f A, dvil 0t g
mlsvgds 1 B Adyw, dnu devuuctds dotww § A ©ij B
wijxes. & pag dvvardy, Eotw [ovuustoog xal yeyovérm]
midw Bg 1) A ngog Ty B, ottwg 6 EZ deududs moog
tov H, xal éorwcay éAayioror Tdv tov avrov Adyov
éyévrav advols of EZ, H' of EZ, H dga medror medg

1. ovvre®mor PFV. 2. 6] om. B, xel 6 FV. 3. douv]
comp. Fb, d6z: PBV. @] e corr. B. 4. H aofpol BFDb,
5. adrois] om. P.  elel/ PVb, comp. F.  xol] el dotr
BFb. 7. pereel F, corr. m. 2; &v épéroer bene edd.  10.
dimldoog] Simldoios dorv F, Simdaclov doriv Bb. 11, dmd)]
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quoniam, si numeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eorum, qui eandem ra-
tionem habent, inter se primi sunt [VIL, 21]. et EZ
par est. itaque H impar est. *nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E®, erit
[VIII, 11] EZ* =4 E®% est autem EZ®:= 2 H:
itaque H® =2 E@®?%. quare H® par est. itaque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'4, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.
Sit pro diametro 4, pro latere autem B, dieo,
A et B longitudine incommensurabiles esse. nam si
fieri potest, sit rursus ut 4:B, ita numerus EZ ad H
[efr. prop. VI], et EZ, H minimi sint eorum, qui
eandem rationem habent [cfr. VII, 33]. itaque EZ H
primi sunt inter se [VIL, 21]. primum dico, H unitatem

m. 2 F. EZ] t09 EZ Bb, m. 2 F. E®] t09 E@ Bbo.

12. H) (prius) H 7 b. 13. E®) @E in ras. V, 7ot E®
BFb. 14, Zoz/v] om. V. 16. I'4] in ras. V, supra scr.
A4b,  16. Post pijxer add. devpperoos dou (foe m, 2 ¥) BFb.

omse £0s deifar] comp. P, om. b, o7 :~ B. 17. &Mog)
om. BFVb, guf mg. F. 18, deexzéor — 19. mleved] om. P,
mg. V. 20. {otw yae BFb. 22, supperoog: nal 7ayowé1m}
om. PV, m. 2 F: 26. avrois] om. Fb, m. 2 B. of] (prius
e corr. V. mewror] supra ser. m. 1 F,
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GAMiAovg slaty. Adye modtov, St & H odx Eoru povds.
& yag dvvardy, é6to povdg. xal wel doviv wg N A
mgog v B, ottwg 6 EZ medg tov H, xal og &ou
t0 dmd vijg A mog TO dmd ig B, olrwg 6 amd tov
EZ mgdg tov amd tov H. dumdaeiov 0% 0 amo tig
A Tob and tig B dumAticiog doo xel & amd tov EZ
T00 amd tov H. xal é6ve povag 6 H' Ovag doe 6
ano EZ rergdymvog: Omeg éotly ddvwvarov. ovx doa
povig éetiv 6 H' doududg dga. xxl émel dotwv g
70 dmo Tig A medg 1O AmO g B, oUrws 6 dwo EZ
medg TOV amo tov H, xal dvimedw g to 4md Tijg
B medg 10 amod tiig A, oUrwg 6 awd rov H meds tov
and vov EZ, uyergel 0t 1o amd tiig B 10 and g A,
uerpel doa xel 6 dmo rov H verpdymvog TOv &m0 Tov
EZ: @6ve xal v mwAsvge avry 6 H tov EZ petgél.
wergel Ok xal favvov 0 H- 6 H ége vovg EZ, H
peToel mpwrovg Ovres meog ardjlovgs Omeg foriv
édvvarov. obx &oa cvuuergds oty v A i B uixer
dovpuergog &oo éotiv: omeg Eder dsifou.

28.
Zy6kiov.

Evgnuéveov 0y tov wirs dovuustomy 0dadv,
og tov A, B, sbplonstar xal &Ada mAsiove uspédn éx
0vo diaoraceav, Afyw 01 énineda, aovupetoa aAifiotg.
dav yao tédv A, B s¥adv pdony dvdloyov AdPousv
iy T, &6rar ag §) A mpdg v B, obrwg 70 amo tig

28. Post. nr. 27 PBFVb.

1. &let PVYb, comp. F. ot moedtov b, 3.0] 7 I
tov] wiv Fb. 4. ©6] 6 P. t6] e P.  10%] ziig PV,
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non esse. nam si fieri potest, sit
HT unitas. et quoniam est 4:B=EZ:H,
erit etiam 4%:B? = EZ®:H® [VI, 20
1 coroll.; VIII, 11]. uwerum 4%= 2 B?
(1, 47]. itaque etiam EZ®=2 H%. et
H unitas est. itaque numerus qua-
dratus E£Z? binas est; quod fieri non potest. quare
H unitas non est; ergo numerus est. et quoniam est
A*:B*=EZ*®: H2 et e contrario [V, 7 coroll]
B*: A2=H®:EZ?, et B? metitur 4%, etiam H?® metitur
EZ: quare etiam latus ipsum H numerum EZ me-
titur. uerum H etiam se ipsum metitur. itaque H
numeros EZ, H metitur inter se primos; quod fieri
non potest. quare A, B longitudine commensurabiles
non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

28.
Scholium.

Inuentis igitur rectis longitudine incommensura-
bilibus, uelut A, B, etiam plurimae aliae magnitudines
duarum dimensionum, scilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas 4, B
mediam proportionalem sumpserimus I, erit ut 4:B,
ita figura plana in A4 descripta ad figuram in I’ si-

6. dinddooy P. 7. ¢ end] dovw 6 Fb, dorv 6 dno tod B.

10. ©6] (prius) supra m. 1 dmd] (tert.) om. BFb. 11,
ano ‘I:O‘U] om. BFb 13. ©d] (a.lt) corr. ex to m. 1 F. 14,
8] =6 F."  15. evzijs B. 18. 7 4] e corr. V. 19. dotly
om. BFb. Gmeq £dec augm] comp. P, om. BFb.  20. sgdliov
om. FVb (in fig. gm ), exa’ B. 22. svo[anowm B (corr.
m. 2) Fb.  28. &j] 87 6 F.  émimedov F.  ovpperon B,
sed corr. 24. sv8aidv] om. BF.
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A énimedov mog 16 amd g I' vd Gposov xal duolmg
avayoapousvoy, site tergayova &l Ta dveyoapousve
slve frega cvPVpgaupe Opoie &ive nvxAor megl Sia-
uérgovs tag A, I'y émsimsp of amvmAor meog dAdijiovg
slolv g Ta amd THY Sraudroov TTpdymva. EDENYVTOL
dga xal émimede ywgle acvuppstoe dArjloig’  Omeo
&0er Oeitar. ,

Adedaypévaov 07 xal tév éx dvo Sunordeewy Oia-
QopwY devuuiteny yoglnv dsitopsy Tols dnd Tig TdY
6Tsedy Femplag, g f6Ti xol GTeged OVupeTo TE Kot
aovpuetoe cAddjlos. éav yag énl twv dmd tdv 4, B
Tetgaywvoy 1 tev l6mv avtols svdvyoduumy AvaoT)-
oousy (Govyy oreget maguAinisminede 7 mvgamldeg
1 molopaza, Eotar T dvastadévra medg dAinda g of
Pooetg. xal &l uiv ovuustool elew af fdeeig, 6vu-
peroe E6rar xal To oTEQEd, & O aevuusrool, aoUR-
ueroe. Omep &0s Ostbou.

"AAAe uny xel 8vo xUxdev Svteov tév 4, B éav
an’ aUTdy (Govyels xbvovs 1) xvAlvdgovs avayedipousy,
éoovtan meog dAdjdovg @g of Pdoes, TovtéeTiy dg of
A, B xvxdot. xal & plv evuustgol elow of xvxdo,
ovupstgor Eoovrar xal of t&é xdvor medg ardrjlovg xel

1. énlmedov] eidog BFb.  zig] om. P.  wal] ve nel V.
2. avayeyooppuévoy BF, mg. b,  dvaysyoappéva BFD.  3.&ite]
(prius) site nal P, 4. #mel yao, supra scr. wee m. 1 F. Mg. padijoy
Tovto év @ B’ o 1f’ v 7oig oregeols m. rec. B, 6. omso
édsc datéouj :~ BFD, et P, sed supra scr. m. 1 comp. 8.
oxp’ B. 9. yoolwy dovuppéromy B.  toig] v roig Vb. 11.
ano tov) om. F.  12. avacriicn V, deinde supra scr. avrois
m. 1. 13. {govyij] {- inras, m. 1 B, leovys orepea mapal-
Inlemimeda] mg. V, in textu del. loovys yeappds 7 magadini-
smwinede. mooalinloswinede F, nmuqailnle émimsda b. 7] e
corr. F; olov, supra scr. 7 m. 1 b. 14, ag] postea ins. m.
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milem et similiter descriptam [VI, 19 coroll], siue
quadrata sunt figurae descriptae sine aliae rectilineae
4 r B similes siue circuli circum diametros 4, I,
quoniam circuli eam inter se rationem habent,
quam quadrata diametrorum [XII, 2]. ergo
etiam plana spatia inter se incommensu-
rabilia inuenta sunt; quod erat demon-
strandum.

Inuentis iam  spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
surabilia. si enim in quadratis rectarum 4, B uel
figuris rectilineis iis aequalibus solida construxerimus
eiusdem altitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia. [prop.
XI]; quod erat demonstrandum.

praeterea si 4, B duo circuli sunt, si in iis conos
uel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc est quam
circuli 4, B [XII, 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V, 16. dovupsrol s[aw of Boaceig V. 117, Gmeg 8t e ikon )
om. BFb. 18. oxy” B. #U%lov] in ras. V. 20. og|
om. P, m. 2 V. Post alt. g ras. 3 litt. V. 21. &lowy
elew V. 22. xaf] om, B. te] om. b, meog ddlijlove
aldnlog BFD.
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of xbAwdgoi, & 0% aovuuerol sloww of xvxdol, aovu-

uérgor Foovrar xal of xdvor xel of xVAwdgor. xal

povegov fuiv yépovev, 8tL 0¥ pdvov Iml yeauudv

xol mipaveidy £6TL GvuueTele Te xel aovupueTela,
5 dAde xol énl TV OTEgsdV CyRudTOY.

1. 0¢8] & F.  elow] elev b. 3. yéyove V. o] 8 8

PV. = éni] inl ze P. 4. nal] 1 P, douv cvppevon P.

ao'vp.p.stga P. Mg. yo. odupsroe xal doduperge m. 1 b, 5.
Gtegemv] Etéguy

20T 47
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erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euclides, edd. Heiberg et Menge. III. 27



