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PRAEFATIO.

Prueter codices solitos PBF VDb, quos ipse contuli,
nisi quod cod. Bodl. B ab initio usque ad finem
definitionum alt. p. 136, 19 beneuolenter conferendum
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc
libro X uti mihi licuit palimpsesto cod. Musei Britannici
Add. 17211 (L), de quo cfr. uol. IV p. VI; continet

X prop. 15 p. 44, 12 uerpnoes ad finem prop.

X prop. 16 p. 46, 2 (uéye)dog — p. 46, 8 Gu.
p- 46 17 (ue)reei ad finem prop.

X, 16 lemma p. 46 28 -pov Zeimov ad finem.

X prop.” 31 p. 92, 19 (#é)oer ad finem prop.

X prop. 32 totam

X prop. 32 lemma ab initio ad p. 96, 20 Gie.

X prop. 80 p. 240, 9 dvverov ad ﬁnem  prop.

X prop. 81 ab mltlo ad p. 244, 10 vmo.

X prop. 112 p. 358, 19 B4 ad finem prop.

X prop. 113 ab initio ad p. 362, 19 otrwg.

In appendicem hic, ut semper, ea sola recepi, quae
in uno saltem meorum codicum in textu legebantur;
quare in mea editione quaedam eorum, quae Augustus
in app. V habet, frustra quaeras; sunt enim scholia
marginalia, quae in uwol. V suo ordine edentur. Pro-
legomena critica quominus uel huic uel quarto uolumini

R25067



Vi PRAEFATIO.

praemitterem, sicuti constitueram, prohibuit ratio scho-
liorum, quae quinto uolumine comprehendentur. nam
cum inde non pauca subsidia ad codices aestimandos
peti posse uiderem, statui iis demum editis ad pro-
legomena illa adcedere.

Scrib. Hauniae mense Nouembrl MDCCCLXXXYV.
L. L. Heiberg.



ZTOIXEIA.

Euclides, edd. Heiberg et Menge. III.
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o. Edlppsroa ueyédn Adperar o ©d alrg pérow
petgovpeve, devppctoe 04, av unddv évdéyeran
xoLvov uérgov peviedar.

5 . Eddetow Svvapst 6puerool slow, oray te ax
avThY TETQEYOVE TG aUTd Qwele weTerTal, AoUVu-
pergor 08, Grav voig ax alredv tevgaywmvoig undiv
dvdéymror yoglov xowdv uérgov yevéeda.

y. Tovrewv Umoxeiudveov delxvvrar, 8ve vf] mEoTs-

10 deloy evdely Vmdorovey evdelon wAjdes dmeigor ovu-

peTool Te xol dovpuergor af uiv wixer wovov, of OF

uel dvvdps. xadelodo ovv 1 uiv mgoredsice sddein
61T, xal af Tavry ovupusrgor &lte wixe xal dvvaue
slre dvvaper ulvov ¢nral, of O tavty devpusrgor

15 ¥Aoyor xedelodwoay.

0. Kel 76 udv amd tijg mporedelong svdslug Terod-
yovor ¢ntdv, xal T& Tovre ovpusrgx dnrd, TR OF

T0UTQ qovpuctoe dAoye xedsledm, xal af dvvdpsvar

Ad deff, cfr. Hero deff. 128—129, Anonymus Hultschii p. 256,
Martianus Capella VI, 718.

Evxleldov azotzumv TPV, Evuler.'do'v atotzslow 75 Féwvog
éuaoasmg v F, Evuls[&ov azozxslwv U g Osmvog ¢udocsamg b.
1, dgoc] om. PFV ogoz tod ¢ b, 6goc Tov ¢ B. numeros om,
codd. 5. Ante cvppsroor ras. 1 litt P. 8. dvdégeran b .
9. moosedeloy b et e corr. F. 10, Post s0fele add, Theon
tovtéoniy dy 1g Péoe Ta ysrga 0 T8 m]xvmov %ol 10 mo-

‘wdatoriaiov nal o Sanrvliaiov 9 16 modiaiov Aapfoverar (BF VD).



Liber X.

Definitiones.

1. Magnitudines commensurabiles uocantur, quas
eadem mensura metiri licet, incommensurabiles autem,
quarum communis mensura inueniri nequit.

2. Rectae potentia commensurabiles sunt, ubi qua-
drata earum eadem mensura metiri licet, incommensura-
biles autem, ubi nullum spatium communis quadra-
torum earum mensura inueniri potest.

3. His suppositis demonstratur, rectas numero in-
finitas esse datae rectae commensurabiles et incommen-
surabiles partim longitudine tantum, partim potentia
quoque. iam data recta rationalis uocetur, et quae ei
commensurabiles sunt siue longitudine potentiaque
siue potentia tantum, rationales, quae autem ei in-
commensurabiles sunt, irrationales nocentur,

4. Et quadratum datae rectae rationale uocetur,
et quae ei commensurabilia sunt, rationalia, quae autem
ei incommensurabilia sunt, irrationalia, et rectae, quae

whijds] om. F. ovppstool Te wal] supra scr. m. rec. P. 11,
povoy, of 0}] om. Theon (BFVb). ~ 12. Post dvvauer add.
Theon: of d¢ dvvaper povov (BFVD). mgootedeise b et o
corr. F, 14, o‘vy.yewo; b, corr. m. rec. ; deinde add. Theon
noTR TO o'mramporsgov (mw— om. b), rovréory (nal del. F) pynes
%ol dvvapse (BFVDb); idem P mg m. 1 pro scholio. 16.
mposzeBelong b et e comr. F. 17 611103] om, F. 18, Ante
dloya add. xara 70 cvvepgorsgoy F; idem P mg. m. 1 pro
scholio. nalelo@woev Theon (BF Vb).
1*
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4 ZTOIXEIRN /.

adta dAoyos, & pdv vevpdyove &ly, avral af whsvoal,

&l 0t Fregd Tiva VI Vyoappe, af loe avrols TeTodywmva
avaygdpoveal.

’

o,

dvo psyedav avicwy dunaipévov, éov and
100 pelfovog dopargedf peilov 7 vo fuidv xel
ol zatalsimwouévov pelfov 4 1o fuiev, xal
TovTo asl ylyvyrar, Asipdiesral v uéyedog,
0 dotar fAaddov T0V éxnecpévov éAdacovog pe-
yédovg. \

"Eerwm 0vo peyédn &viea v AB, I, ov psitov 1o AB:
Adpw, Bve, dav amwd Tod A B dpaiged usitov 1 T fuiev
xel voU xevadsmopdvov weifov 1) TO fuiev, xel TovTo
ael ylyvnrau, Asipjceral v uépsdog, 0 Eran Eadaov
vov I’ pepédousg.

To I' yap moddamiadiatopsvoy E6var motd Tov AB
peifov. memoddamaioineda, xol éovw 1o AE vov yiv I
moldamAd ooy, voi 8% A B usifov, xal digerede 0 4E
elg to 6 I loa te 4Z, ZH, HE, »al appgijode dxd
udv 1ov AB petfov 7 v fjuev v BO, dwo 0t rod A0
petbov 4 ©0 fuev 0 OK, xal todro dsl yuyviedow,
fwg dv of év 1 AB dimgéeas loomindels yévavia
taig év 1@ AE Ouougéceoiy.

"Eetwoay ovv of AK, KO, ®B diaigéocig (Gomin-
Deig ovoa talg AZ, ZH, HE" xal émsl usitév ot 1o
AE tot AB, el aprjonrar and pdv 100 AE fadeov
tov fulocwg 0 EH, and 0t 1ov A B usifov 4 To futev

1. &loya V, corr. m. 2. Deinde add. xcielodasay Theon
(BFVb). 2. foer 9. 5. fumspévor] ante dvicov add. B

mg. m. 1. 8. asl] alelF, del &v V?  ylvmioe V (7 e corr.),
ylyvezar b. Ingdnsstar Vb, 9. Z6tiy Theon (BF VD).



ELEMENTORUM LIBER X.

(Sl

quadratae iis aequales sunt, irrationales uocentur, in
quadratis ipsa latera, in ceteris figuris rectilineis eae,
ex quibus quadrata illis aequalia construi possunt.

L

Propositis duabus magnitudinibus inaequalibus si
a maiore plus quam dimidium subtrahitur et a re-
liqua plus quam dimidium, et hoc semper fit, magni-
tudo relinquetur, quae minor erit proposita magni-
tudine minore.

Sint duae magnitudines inaequales 4B, I', quarum
maior sit 4B. dico, si ab 4B plus quam dimidium
subtrahatur et ab reliqua plus quam dimidium, et hoc
semper fiat, magnitudinem relictum iri, quae minor
sit magnitudine I

Nam I’ multiplicata aliquando magnitudine 4B
maior erit [cfr. V def. 4]. multiplicetur et 4 E magni.
tudinis I" multiplex sit, eadem autem > 4B, et 4E
in partes magnitudini I" aequales 4Z, ZH, HE diui-

Kk r datur, et ab 4B plus quam

—— 1B I dimidium subtrahatur B, ab

4 H A6 autem plus quam dimi-
f—l———f—

dium @ K, et hoc semper fiat,
donec in 4B totidem diuisiones fiant, quot in AE.

flatzov F.  zov]om. V? Zyxepévovb. fldzrovogF. 12,
850t b. 13, xel — Juov] om. P, need] (prius) xaldmo V. 14.
atsl B, ylyverar v, ylm)rm b. ingdresrar V. dorv V.,

flatroy F. 16, yuq] dga F.  AB peyédovs. Theon (BF V).

19. elg] m. rec. B. auo] om. V. 21. ywicbe P.  28.
taig] corr. ex var m. rec. b, 24, o0v] om. b.  duegéois P,
sed corr, 25. HZ F.  iéouwv F. 26. ro?] (alt.) post ins.
m. 1 F 217, ny(aaoc b, nylsovc V. 76 corr. ex zov F

7 10 fuiov] tov juloewg F, tod nulecog B
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70 B®, Aowmov doa t0 HA Aoimov vov OA ueitév

dotw. wol émel pelfov édore vo HA vov @4, xol

aglionros ot wiv HA fuwev ©6 HZ, tov 0t © A peitov

7 76 oy 16 OK, Aoumdv dge 10 AZ Aoimot tov AK

5 weitov dovw. loov O to AZ vg I xal ©o I dpe

t0v AK peifov éovwv. Edadoov dga v0 AK vov I

Karaldsinetor dga amd tov AB peyédovs 16 AK

uéyedog Eladaov dv Tov éxuciuévov éAdecovog peyédovs

100 I Omeg &0er dsibou. — Ouolwg 0% dsuybijoera,
10 x&v nulen 1 T& dpatgovucva.

g.

'Eav 0vVo peyedav [éxxeipévov] dvicov avd-
vpatgovudvov del tov éAde66ovog awd TOD MEl-
tovog T6 xavakeimdusvoy undémore xarapstey

15 70 wQo favrod, devupcree f6TaL Ta weyEd.

Avo yoo psysddv Svrav avisov tév 4B, I'd xal
éAdacovog 1ot A B avdvpaigovuévov del Tov dAdesovog
and Tov welfovog ©O meguAsimousvov undémors xava-
pETeElTo TO WY Eovrot: Adym, Ot devpusted doTi Ta

20 AB, I'd ueyédn.

E¢ pdg dori ovppetgn, uetros ti avra uéyedog.
peToelre, & dvvardy, xal form té E* xal o utv 4B
10 Z A xoveustgoty Aamétw éovrov EAasaov 1o I'Z,

2. {ouwv] comp. Fb, dout BV. dom] om. V. 4. 9 6
fjurov] roi Nuicsos BV, tot fploswg F. 7. xatalélsimtor Bb.
8. dynepévov b, flarrovog F.  10. nulovy P, fuloea V.
Seq. demonstr. altera, u. app. 12. éxnsipévor] m%. m,

1 P.  dvdvgagopévov V, corr. m. 2. 13. alsl F. Ldz-
tovog F. 16. ©c] 10 P, corr.m. 2. 16. xal 8vzog Theon (BFV D).
17. lezrovog F.  av@vgongopévov V, corr. m. 2.  alel F.
19, d6uv P.  21. doci] supra ser. -ax V.  w] om.F. 23,

"



ELEMENTORUM LIBER X. 1

diuisiones igitur 4K, K®, @B numero aequales sint
diuisionibus 4Z, ZH, HE. et quoniam JE > AB, et
a AE minus quam dimidium subtractum est EH, ab
AB autem plus quam dimidium BO, erit Hd > 0 4.
et quoniam HA > @4, et ab HA dimidium subtrac-
tum est HZ, a ®4 autem plus quam dimidium @K,
erit 4Z > AK.uerum 4Z = I. quare etiam I" > AK.
ergo AK <ITI.

Ergo ex magnitudine 4B relinquitur magnitudo
AK minor proposita magnitudine minore I'; quod
erat demonstrandum.

Similiter autem demonstrabitur, etiam si, quae
subtrahuntur, dimidia sunt.

1L

Si ex duabus magnitudinibus inaequalibus minore
semper uicissim a maiore subtracta reliquum nunquam
praecedentemm magnitudinem metitur, magnitudines in-
commensurabiles erunt.

Datis enim duabus magnitudinibus inaequalibus
AB, I'4 minor sit 4B, et minore semper uicissim a

" maiore subtracta reli-
— A———=—=1B quum ne unquam prae-
z ' cedentem magnitudi-
' ' '’ nem metiatur. dico,
magnitudines 4B, I'4 incommensurabiles esse.

Nam si commensurabiles sunt, magnitudo aliqua
eas metietur. metiatur, si fieri potest, et sit E. ¢t 4B
magnitudinem Z 4 metiens se ipsa minorem relinquat

r

Z24] mut. in 'd m, 2 B, m. rec. b; 4Z e corr. PV, #do-
sova P, sed « del.
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70 0 I'Z ©0 BH xavouerpovw Aamérem éoavrov Elaceov
10 AH, xal votro del ywéodm, fwg oV Aspdi v ué-
yedog, 0 oriv Elaoeov Tov E. yeyovéire, xol Asdslpdm
©0 AH ¥lacdov tov E. émel ovv 10 E 16 AB perge,
dAle 10 AB ©d AZ uevosi, xal vd E dgo 16 Z 4 ue-
Torjost. uergel 0% xal 8Adov 1o I'd: xal Aowwdv &gu
76 I'Z pervorjoer. adde vo I'Z ©0 BH pevger xal to E
doo ©0 BH pevpel. ueroel 0% xal Sdov o AB° xal
Aoumwdy &oa 10 AH pevoroe, o petfov o FAaseov
Oneo dotiv ddvvarovd.jolx doa ra AB, I'd ueyidy
uetenos. v uéysdog aevuusroa doo éovl e AB, I'd
pepEdn.

‘Eav &g 8vo usysddv avidwv, xal ve Erg.

7.

dbo peyedov gvpuiroar 0odévrov o pé-
yL6T0Y aVTGY x0Lvov pérgov svgsiv.

"Eote 1o dodévra dvo uepédn evpucroate AB, I'4,
v &lacaov v6 AB: 35t 01 tév AB, I'd 1o péperov
#0Lv0V uérgov sbgely.

To AB yap uéysdog row ueroel 16 I'd 1 ob. &l
udv ovv psrosl, pergel 0t xol fovrd, O AB doa TV

1. BH] in ras. P, mut. in B4 B m. 2, in 4B m. rec.; H
ecorr V. 2. piyvécdw F. AngO®f BVb. 8. forar P. Hlaz-
vov F. ellijpBe V. 4. 16)(pr)zeo F. 5 Za P, Zd]
mut. in 4Z V, 4Z BFb. 8. BH] HB P.  pereel] (prius)
supra m. 2 F.  10. ov/v] om. V. ~ 11. Post 7 ras. 1 htt. V.

dotty P. 13, peye@av duxetpévov F.  xal ve éEfg) Smee

A
£0e deifor V (post étie add. @ b); duxepévay avicov dvd-
voaigovuévoy del tov élaceovog dmd tob pelfovog TO raToder-
mopevor pndémore wotauetef] 0 med favrod, dodpueroa foten
% peyédn m. 2 V, del. dviar lin. 13.  17. forwoay F. aip-




ELEMENTORUM LIBER X, 9

I'Z, I'Z7 autem BH metiens se ipsa minorem relin-
quat 4 H, et hoc semper fiat, donec relinquatur magni-
tudo minor magnitudine E. fiat et relinquatur 4 H < E.
iam quoniam E magnitudinem 4B metitur et 4B
magnuitudinem 4Z, etiam E magnitudinem Z 4 metitur.
uerum etiam totam I'4 metitur. itaque etiam reli-
quam magnitudinem I'Z metietur. sed I'Z magni-
tudinem B H metitur. quare etiam E magnitudinem
BH metitur. uverum etiam totam 4B metitur. quare
etiam reliquam 4 H metietur, maior minorem; quod
fieri non potest. itaque magnitudines 4B, I'4 nulla
magnitudo metietur. ergo magnitudines 4B, I'4 in-
commensurabiles erunt [def. 11.

Ergo si ex duabus magnitudinibus inaequalibus,
et quae sequuntur.

II1.

Datis duabus magnitudinibus commensurabilibus
maximam earum mensuram communem inuenire,

Sint duae magnitudines datae commensurabiles 4 B,
I'd, quarum minor sit' 4 B. oportet igitur magnitu-
dinum 4B, I'd maximam mensuram communem in-
uenire.

Nam magnitudo 4B magnitudinem I'4 aut metitur
aut non metitur. iam si metitur, et se ipsam quoque

perow peyédn V. 18. flarror F.  20. péysfog] om. Theon

(BFVb). 7izor] m. rec. P. 21. Post ovv add. 76 4B 16

T'a V.  uetpei] (prius) supra m. 1 B.  «vtd B, corr. m. 2.
tév 4B, I'd] om. V.
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AB, T'4 xowdv uérgov deviv: xal gavspdv, ote xal
uépiorov. psitov pag Tov AB pepédovs ©O AB ov
pETETOEL.

My pevgelro 01 10 AB ©o I'd. xal avdvpaigov-
uévov del Tov éAdeeovog amd Tov pelfovog, TO megi-
Aawopevov pergiider mort O mEd favrod ik TO uy
slval govpperoe 1o AB, I'd* xel 6 ptv AB ©o Ed
xarousreoty Aaméto fevrov EAadeov vo EI, 10 0%
ET ©¢ ZB xarvaustgotv Asimére Eavrov EAacdov o
AZ, 6 0t AZ 16 T'E pergelro.

'Enel otv 10 AZ v6 T'E pevget, dAde 76 T'E 76
ZB uetoel, xol ©0 AZ dpa 10 ZB perproe. uerosl
0% xal favrd: xol SAov dga ©O AB pevproe ©0 AZ.
dide 10 AB ©0 AE pergsi xel 16 AZ &ox 6 EA
pergnos. uetgel 0% nel 1o T'E ol 0dov doa 16 I'd
petoels v0 AZ doa v AB, I'd xowov pérgov éoriv.
Aéyw 01], Ot xel uépioTov. & yag wi, forar T ué-
yedog uetfov rov AZ, 0 uergnos to AB, I'd. Eorw
0 H. émel ovv o H 16 AB pevgei, dAda 70 AB
©6 E A perget, xal vo H dga 10 Ed peroros. uevesl
0% nal SAdov 10 I'd" xal Aowwov doa 10 I'E pevorioe
0 H. adia ©0 T'E 16 ZB perosi® xal ©0 H dga
0 ZB pergros.. uctost 8% xol GAlov t0 AB, xal
Aoumov ©dO AZ pergieer, to petfov vo FAaegov: Omeg

1. écrtv1 comp. F, éorl Bb, dotl tév 4B, T4 V. =xai]
(alt.) péreov éori{ V. 4. wal] om. BFVD, avdvpaigopévor V,
sed corr. m. 2; dvBvpareduevoy F.  b. de&l] doe del VD, doa F,
om, B (doa ¢s/m.2). 8. 10 EI' — 9. flagoov] m. 2 B.  10.
0t AZ) AZ 8¢ P. 18. peverjosr — 14. 4Bl mg. m. 1 P. 14,
Post 4Z ras. 1 litt. V., 16. pevoel] petonose F. Deinde add.
Theon: t6 AZ doo ta AB, I'd pergsi (BF Vb); idem m. rec. P,

doa] om. .  Zoz/ BV, comp. Fb. 18. zd} r6 B, corr.
m. 2. Post I'd add. psrosirw xnal V, sed punctis del.  20.



ELEMENTORUM LIBER X. 11

E— Ai—t + ] B

r—— } 14

metitur, 4B magnitudinum 4B, I'4 communis est
mensura. et adparet, eandem maximam esse; nam mag-
nitudo magnitudine 4B maior 4B non metietur.
itaque ne metiatur 4B magnitudinem I'. et mi-
nore semper uicissim a maiore subtracta reliquum
aliquando magnitudinem praecedentem metietur, quia
AB, I'd incommensurabiles non sunt [cfr. prop. II].
et 4B magnitudinem E4 metiens se ipsa minorem
relinquat EI', EI" autem Z B metiens se ipsa minorem
relinquat 4Z, et 4Z magnitudinem I'E metiatur. iam
quoniam 4 Z magnitudinem I'E metitur, I'E autem Z B,
etiam 4Z magnitudinem ZB metietur. uerum etiam
se ipsam metitur. quare etiam totam 4B metietur 4Z.
sed 4 B magnitudinem A4E metitur. itaque etiam A4Z
magnitudinem E4 metietur. uerum etiam I'E metitur.
quare etiam totam I'J metitur. itaque 4Z magnitu-
dinum 4B, I'4 communis est mensura. iam dico,
eandem maximam esse. nam si minus, magnitudo erit
maior magnitudine 4Z, quae 4B, I'd metiatur. sit
H. iam quoniam H magnitudinem 4B metitur, et 4B
magnitudinem E4 metitur, etiam H magnitudinem
E 4 metietur. verum etiam totam I'4 metitur. quare
etiam reliquam I'E metitur H. sed I'E magnitudinem
ZB metitur. itaque etiam H magnitudinem ZB metitur.
uerum etiam totam 4B metitur et reliquam 4Z me-

Ed] (prius) 4E P. 21. xal] (alt) om. V. 23. 7o) (alt.)
6y P, 24, lotmoy doa F.
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dotly ddvvarov. ovx dpa psifov T pépsdog tov AZ
¢ AB, I'd pstgijoer: 16 AZ tgo vév AB, I'd g
péyioTov xowov uérgov éoriv.

dVo dgo peyedov evuuéroov dodévrav rov AB,

5 I'd 76 uépiorov xowdv uérgov nlonror: omep &d&r
dsita.
Idgeope.

"Ex 07 tovtov gavegdv, Oti, dov uéyedog 0vo pe-

yédn uperef, xal to péyiotov adrdv xowov upérgov
10 peToroeL.
0.

Totdv peyeddv evpuérpov dodéviev 1o
péyLorov adrdy xo1vdv pérgov evgeiv.

"Eotw va dodévva tole peyédn edupsvon to A, B, I™

16 0&i 07 tav A, B, I ©0 péyiorov xowdv pérgov &dpsiv.

Elljgpda0 yop 0o tév A, B ©o péyiotov xowov
uérgov, nal &6t ©6 4° 10 07 4 vo I Fror pergst 14
o [uergei]l. perosirm modregov. émel ovw 1O A 7O
I ustgel, pevget 0% %ol va A, B, v6 4 &g 1¢ A, B, T

20 perpsis v0 4 &g tédv A, B, I' xowwov uéteov fotiv.
xal @avegdy, O0ve xol pépierov' psifov pog tov A
uspédovg ta A, B ov pevesl.

1. oviv] om. F.  peitov] supra ser. m. 1 P. 7 peifov F,
sed corr. 2. peyé®n peroricee Theon (BFVDL). 6] (alt.)
m, 2 F. 3. &0/ BVb, comp. F. - 5. pérgo P, sed corr.

etgnror P. Deinde add. 10 4Z V, sed punctis notat. 6.
dsifar] moiigee B et b (mg. yo. d‘stgou%; dei 0eifanr F (mg. m. 2:
ye. motijoas). 9. yezg@ -y in ras. P. 15. Ante dei ras. 1
litt. P.  16. dve] om. V. 17, 87]] m. rec. P.  18. pereei
om. P, 19. psroel 8¢ — 20. peroei] mg. m. 1 P. 20, A &oc
0t 4 P. zov] -» postea add. F. ot/ BV, comp. Fb. 21,
#al] (alt) om. BVb., 22. uéysdoc Fb. Post B ras. 1 litt. V.

Post peroei add. &l yap dvvarow, peroelro ta A, B, T peifoy
100 J (peyéPovg add, V) 76 E* xol éwel ta A, B, I' peros,
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tietur, maior minorem; quod fieri non potest. itaque
magnitudo maior magnitudine 4Z magnitudines 4B,
I'4 non metietur. ergo A4Z magnitudinum 4B, I'd
maxima mensura communis est.

Ergo datis duabus magnitudinibus commensurabi-
libus 4B, I'4 maxima mensura communis inuenta
est; quod erat demonstrandum.

Corollarium.
Hinec manifestum est, si magnitudo duas magnitu-
dines metiatur, eandem maximam earum mensuram
communem metiri.

1V.

Datis tribus magnitudinibus commensurabilibus ma-
ximam earum mensuram communem inuenire. ‘

Sint datae tres magnitudines commensurabiles 4,
B, I. oportet igitur magnitudinum 4, B, I' maximam
mensuram communem inuenire.

Sumatur enim duarum magnitudinum 4, B maxima
mensura communis [prop. III] et sit 4. o igitur
4 , magnitudinem I" aut metitur aut non
metitur. prius metiatur. iam quo-
r niam 4 magnitudinem I' metitur,

|— . . .
4 E gz °©betiam 4B metitar, 4 magnitu-
——1 — +— dines 4, B, I'metitur. A igitur magni-
tudinum 4, B, I' communis est mensura. et adparet,
eandem maximam esse; nam magnitudo maior magni-
tudine 4 non metitur 4, B.

Bl———

%ol vo. A, B usroioer xel ©0 1oy A4, B péyiorov nowwov (nowow
péywotoy V) péreov 70 A pergriger (peverioer w6 4 V) 1o peitow
10 flatroy (flaccov V). Gmee &romoy oty (dd¥vazov V) V et
mg. m. 2 B,
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My pevosiro On 10 4 ©o I Adypw mgdTov, Ome
ovupergd éove vo I, A. Zémel pag evuuctod fori ta
A, B, I, uerorjoe e avre uépedog, 0 OnAady xel ta
A, B perorios dore xel 10 tov A, B péyierov xowdv
uérgov to A pergros. pstosi 0 wel 76 I dore To
slonuévov uéyedog uevonoer va I, 4 evuuerpa Hoa
dotl va I, 4. slljgpdo oy atrdv o6 uéyiearov x0wdv
pérgov, xal é6tw 10 E. émel odv 10 E 10 A pergei,
ddde v6 4 e A, B pergel, xel 10 E dga ta A, B ue-
tonoe. uerpel 0% xal o I 0 E dga ta A4, B, T
uetgel” to E dgo rov A, B, I' xowwdv vt pérgov. Adywm
017, Ot xal uéperov. & yeg dvvardy, &6tw i Tov E
petfov uépedog o Z, wal pevgelro va A, B, I xal
énel o Z vo. A, B, I' pevoet, xol vé A, B doa perprjost
xel ©0 tdv 4, B pépiorov xowdv pérgov peveres. o
0t tov A, B uépierov xowdv pérgov dotl ©d A° 16 Z
dge 16 A pergsi. pevgsl 0% xal v6 I 16 Z doa
ta Iy A pergel xal ©o vov I, 4 doe pépiorov xowdv
pérgov perorioe o Z. 6t 0% vo E' 1o Z dpo 1o E
uer@nosL, to peitov vo éAncdov: Omep dotly ddvvarow.
oUx dge pelfév 1 Tov E peyédovg [uéyedog] o 4, B, I’
uerpei® ©0 E dpa vdv A, B, I" t0 uéyierov xowwov uérgov
otly, dov ui) uerer ©6 4 o T, dow Ot pevor], avrd To 4.

1. onumearov F. 2. daui] (alt.) domv P. 4. pereel V. 5.
peteress 1o 4 F. Post dore ras. 2 litt. V, 6. peresi V.
7. dot(] slotv P. ovy] om. BFVb.  1d] m. rec. P. 8.
wel] om. P,  fotw 70 E] mg.m.2F. 9. perosi — 4, B} om. F.
pergnost] peresi V. 10. 76 E — 11, peresi’] om. Theon
(BFVb). 11. péroov dotl V. ot P. 14. peteel] supra
ser. F.  &ee] om, BFVb., 15. B] Béox BFb. 16. péyiorov]
m. rec P, 17. usrgstl (prius) corr. ex pererjoer m. rec, P.
18. 7¢¢] 76 b.  19. t0 Z. 4o 8% 16 E] mg. m. 2 F; 70 Z*
6 0% 1w I', 4 uéyiorov nowow uéteov dotlto E V. 20. ueresi V.
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iam ne metiatur 4 magnitudinem I prius dico,
I, 4 commensurabiles esse. nam quoniam 4, B, I
commensurabiles sunt, magnitudo aliqua eas metietur,
quae nimirum etiam 4, B metietur. quare etiam maxi-
mam earum mensuram communem 4 metietur [prop.
IIT coroll.]. uerum etiam I' metitur. quare magnitudo
illa I, 4 metietur. itaque I', 4 commensurabiles sunt.
sumatur igitur maxima earum mensura communis
[prop. III] et sit E. iam quoniam E magnitudinem 4
metitur, et 4 magnitudines 4, B metitur, etiam E
magnitudines 4, B metietur. uerum etiam I' metitur.
E igitur 4,B,I'metitur. E igitur magnitudinum 4, B,I"
communis est mensura. iam dico, eandem maximam
esse. nam si fieri potest, magnitudo magnitudine E
maior sit Z et metiatur 4, B,I. et quoniam Z magni-
tudines 4, B, I metitur, etiam 4, B metietur et maxi-
mam earum mensuram communem [prop. III coroll.].
maxima autem magnitudinum 4, B mensura communis
est 4. Z igitur 4 metitur. uverum etiam I' metitur.
Z igitur I'y 4 metitur. quare etiam maximam earum
mensuram communem metietur [id.]. ea autem est E.
Z igitur E metietur, maior minorem; quod fieri non
potest. itaque magnitudo magnitudine E maior 4, B, I
non metitur. E igitur magnitudinum 4, B, I" maxima
est mensura communis, si 4 magnitudinem I" non me-
titur, sin metitur, ipsa 4.

n I | ,

21. ta 4, B, I' peteel péyzdos F. péysdog] m. rec. P. za)

©o B, sed corr. ') T, 4 (eras.) peyédn V. 22 o] (alt.)
m. 2 F. 28 %] &v P.
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Toidv dpe peyedoy evuuéroov Sodévieov To pé-
pL0ToV %0100V uérgov mioyrer [Sme #0s Setbar].

Idgiopa.

’Ex 07 tovtov @avepdv, Oti, édv udyedog tole pe-
yédn uevolj, xel 10 uépiorov adTdy xowov uéreov
UETQT|OEL.

‘Ouolwg 07 xol éxl mAsidvev to wéypioTov xowov
uéroov Angdicetar, xel T0 WOQLOUX MWPOYWQTOEL. OmEQ
e dctkou.

€.

To cvpucroe ueyédn mpog &Ainia Adyow
¥yee, Ov d@uBudg meds doedudw.

"Eore ovupetoe ueyédn te A, B Aéyw, ot 16 A
neog 70 B Adyor &y, Ov aguiuds meds deidudv.

'Ensl pag ovupsted éove vo A, B, peronos v avre
péyedog. uergelro, xol ¥orw o I. xal d6dmg vo I
©0 A pergel, TosavTon povadss dormony v v A, 66dxLg
02 zo I" v0 B psrgel, rodavrar yovideg Eorwoay év 6 E.

'Enel ovv 16 I' ©0 A usrost xare vog v w6 4
povadag, ustosl 02 xal 4 wovag tov 4 xeve tég év
avre povadag, (Gdxig doa 7 wovag Tov A uergel doid-
pov xal vo I' uépedog 10 A° &orwv doa g v0 I' medg
10 A, oUtwg 7 poveg medg tov A° dvdmediw Eoa, ag
16 A meog ©0 I'y oDrwg 6 4 mpog vy povade. mdiw
énel ©o I' v0 B pevgst xare tag & ve E povddag,

2. ebonrar P.  morfjoen B et F (supra scr. dsifou). 4.
peyé@m F. 6. pérgov] supra scr. F. 7. 84 BVb. 8. dug-
dqoeTar F. omeo €081 8zifer] om. Theon (BFVD). 15.
dotiv P. B peyédn F. 20. zdv] 6 Bh. 21. yszondst b.

Godudr] om. V. 22, xel] xard F. 28, v6v] =6 B. 25
16 E] corr. ex avté m. rec. b.
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Ergo datis tribus magnitudinibus commensurabili-
bus maxima mensura communis inuenta est.

Corollarium.

Hine manifestum est, si magnitudo tres magnitu-
dines metitur, eandem maximam earum mensuram
communem metiri.

Iam similiter etiam in pluribus maxima mensura
communis sumetur, et corollarium quoque progredie-
tur. — quod erat demonstrandum.

V.

Magnitudines commensurabiles inter se rationem
habent, quam numerus ad numerum.

Sint magnitudines commensurabiles 4, B. dico, A4
ad B rationem habere, quam habeat numerus ad nu-
merum.

Nam quoniam 4, B commensurabiles sunt, magni-
tudo aliqua eas metietur. metiatur et sit I. et quoties
I’ magnitadinem 4 metitar, totidem unitates sint in
4, quoties autem I' magnitudinem B metitur, totidem
unitates sint in E.

iam quoniam I" magnitudinem 4 secundum unitates
numeri 4 metitur, sed etiam unitas numerum A se-

4 B r cundum unitates eius metitur,
=t == ' qunitas numerum 4 et I'magni-

4 tudinem 4 aequaliter metitur.
—E itaque I': 4 = 1:4 [VII
def. 20]. e contrario igitur [V, 7 coroll] 4:I'=4:1.
rursus quoniam I' magnitudinem B secundum uni-

V. Alexander Aphrod. in Anal. pr. fol. 87.
Euclides, edd. Heiberg et Menge. III. 2
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uetgsl 0% xal 3 woveg vov E xave veg v avrg po-
vadoag, le6dug dga 7 wovag vov E pergel xal o I
16 B &nwv Gge dg o I' mpdg 16 B, olrwg ) poveg
mgdg tov E. &0ely®n 0% xol og 10 A meog wo I', 0 4
moog Ty povade: 8¢ idov doa dotly dg vd A meodg T B,
ovtwg 6 A aguduog medg Tov E.

Ta dga ovpuctoe peyédn ta A, B meds &Ainia
Adpov &geu, ov apududs 6 A meog Gouduoy tov E* Onep
s dsitou.

g.

Exv 0vo peyédn modg &AAnia Adyov ¥yp,
0v doidudg medg dotdudy, evpucron forar Ta
pepéd.

dvo yog peyédn ve A, B mgog cAAnia Adyov éyérm,
ov aguduodg 0 4 meog agduov tov E' Afym, 0t 6vyu-
petoe éote v A, B peyéd.

Voo yap elow év 6 4 povadeg, &ls Toatre loa
dinoriedm v0 A, xel évl avrdv idov S6vm ©d I Goau
08 elow év T E uovades, éx todovrov peyeddv loav
v I' ovynelodo vl Z.

‘Ensl ovv, Goou sloly v teo A povddsg, vocaird
sloe xal év v A peyedy loa v Iy 0 doo pégog éarly
7 povag tov A, 76 avrd uégog éovl xel 7o I’ Tod A
donww Gga og vo I’ mgdg 10 A, oVtwg % movds medg
ov 4. uergel 0t 7 poveg tov 4 agdudv pevgsi
dga xel to I' 6 A. xel énel domv dg o I modg
70 A, oTreg 1 povag medg 1ov A [deududy], dvdmaiiy
dga g ©0 A mpog 0 I', olrwg 6 A dgududs moog

3. 76] (pr.) ©ov P. 4. oBrwg 6 V. 7. meos &Ainie] mg.
m. 1P " 11, & b 14, dYo yae peyédn] mg. m. 1 P.
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tates numeri E metitur, sed etiam unitas numerum E
secundum unitates eius metitur, unitas numerum E
et I magnitudinem B aequaliter metitur. itaque [VII
def. 20] ':B=1: E demonstrauimus autem, esse
etiam 4: '=4:1. itaque exaequo [V,22] 4: B=4: E.
Ergo magnitudines commensurabiles 4, B inter se
. rationem habent, quam numerus 4 ad numerum Ej;
quod erat demonstrandum.

VL

Si duae magnitudines inter se rationem habent,
quam numerus ad numerum, commensurabiles sunt.

Duae enim magnitudines 4, B inter se rationem
habeant, quam numerus 4 ad numerum E. dico, 4, B
magnitudines commensurabiles esse.

4 B r - nam quot sunt in A
b———— = — | unitates, in totidem par-
4 tes aequales dividatur 4,
—E = et uni earum aequalis
git I. quot autem sunt in E unitates, ex totidem
magnitudinibus magnitudini I"aequalibus componatur Z,

quoniam igitur, quot sunt in 4 unitates, totidem
etiam in 4 magnitudines sunt magnitudini I" aequales,
quae pars est unitas numeri 4, eadem pars est etiam
I' magnitudinis 4. itaque I': 4 = 1: 4 [VII def. 20].
uerum unitas numerum 4 metitur. quare etiam I

mweds &linde ta 4, B V. 15, 161‘1) T (w6») F, 26 .  21.

rooavrar V, ¢ eras.  22. slot] domv P.  foow V, ¢ eras.  23.

4 egdpod F.  7d] (alt) 6 P, in ras. V.  7od] e corr. V.

25, 4 aguiuéy F. ~Post powdg ras. 4 litk. V.  26. ual émwsl

vl V. 0] 6 P. 27 deBuov] om. P, corr. ex deefpdg F.
2%
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Ty povdde. mdiwv énel, ogeu elolv év v E povadeg,
rocadtd &ar xal dv tp Z loa vg I', Eorww doo g
10 I' mpdg 16 Z, otnwg % povag mog tov E [agududv].
ey 0t xal og 160 A meog 1o Iy ovrwg 6 4 medg
5 Ty wovdde' 0. l6ov &oa dotiv wg 10 A meog T Z,
ottwg 0 4 mdg Tov E. dAX ag 6 4 meog tov E,
odrawg dovl ©0 A meds 10 B xal g dea 10 A meog,
70 B, o¥tmg xal meds 10 Z. 10 A ta mEods Exdregov
tév B, Z tov advov &e Adyov' ieov &oe éoti to B
10 76 Z. pevgel 0t vo I' 70 Z* uevpel doe xal ©o B.
GAde pny xel v6 A° ©o I’ doa v A, B pergsl. ovu-
uergov dga éorl o A té B.
'Eov dga 0vo ueyédn moog aAdnde, xal va &Efg.

Hégiopa,

15 ’Ex 03 tovrov gavepov, 8, av &6 0vo deuduol,
og of 4, E, nol ebdela, g 5 A, dvvardy g6t moujcen
og 6 4 apdudg meog tov E agududv, olrwg wiw
s0delay mpog evdeiav. dov 0% xal tdv A, Z udeq
avdioyor Angdij, wg 7 B, dorar wg 7 A meog Ty Z,

20 ovtwg 0 and viig A medg 10 awd g B, tovréeTiv
g N TWTY WEOG TRV TE(TNY, 0DT®S TO AW THg WEWTNG
mQog 70 amd Tijg dsvrégag TO Opotov xal duolwg dva-
yoapduevor. GAX &g § A medg vy Z, otrwg farly
0 4 agiduos medg tov E aoududv: ypéyovev dga xal

25 0g 6 A dguduos medg Tov E agududv, olrwg to amod

1. elotv] elol xal V. 2. rocavrar P, et FV, sed corr.
elow P. "Z peyé®n F. loaw V, sed corr. 3. desdudy
om. P. 4. 76](alt.)zé» b. &.76] 6 B. 6] to» Bb, 6. aal’
xe{ V. 6] postea ins. m. 1 F. ~ 7. d6v/Jom. V, 8. xnal
10 A F. 9. 1évyov P, sed corr.  11. piy] peresi P. o I'
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magnitudinem 4 metitur. et quoniam est I': 4=1: 4,
e contrario [V, 7 coroll.] erit 4 :I'=:1. rursus
quoniam, quot sunt in E unitates, totidem etiam in Z
magnitudines magnitudini I" aequales sunt, erit I': Z
= 1: E[VI1I def. 20]. demonstrauimus autem, esse etiam
A:I'=4:1. itaque ex aequo [V, 22} est 4:Z=4:E,
uerum 4 :E=A:B. quare etiam 4:B= A:Z. A igi-
tur ad utrumque B, Z eandem rationem habet. ergo
B=21[V,9]. I autem Z metitur; quare etiam B me-
titur. uerum etiam A4 metitur. I' igitur 4, B metitur.
itaque 4 et B commensurabiles sunt,

Ergo si duae magnitudines inter se, et quae se-
quuntur.

Corollarium.

Hine iam manifestum est, si duo numeri sint 4, E
et recta A, fieri posse, ut faciamus, ut 4:E, ita rec-
tam ad aliam rectam. sin rectarum 4, Z media pro-
portionalis sumitur B, erit 4:Z = A®:'B? h. e. ut
prima ad tertiam, ita figura in prima descripta ad
figuram in secunda similem ‘et similiter descriptam
[VI, 20 coroll. 2, cfr. V def. 9]. sed 4: Z = 4: E.

el o 'V, 12. foxty P. B] ecorr. V. 18, xal ta
é&ijg) lo'yov £y81, Ov douiuds meog apuﬂyov, sdppctoe foron o
peyédn Gmee ¥de deifow V.  16. og] m. 2 F. evdeion F.
7 4] e corr, V. 17. 6] zév» V, supra scr. m. 2 F, 4]
om. BFb a(uﬂuov FV. E] om. BFb; ag 'uw 4 geiduov
moos 16y E aonﬂy.ay m. 2 B. wjy] om. V, 4 P; del. m.
rec. B. 18, svﬁsmv]B av eras. V, svdeic P. ev&emv] rnv
eo@siev V et m. rec 19. Z] B B, sed corr. 21. dg
og eree? V. mewrn] supra add. & F, & PBVb. Teleny] &
7 Pb et corr,ex y B m. 2 ({ m. rec.); suprd add. 7 F. :n:qmmc]
@& P. 24, douBudy] corr. ex doiBpds FI‘] yéyovey &g supra
ser. m. rec. F.
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vijs A e0delag mpog TO dmd thig B evPelag’ Omeg €0er
dcitac.
g.

To dovupsroa ueyédn medg &AAnie Adyov
ovx EyeL, Ov doLPpdg medg dgLdudy.

’E6te dovuustoe usyédn to A, B* Adye, {ti 1o A
mweog 10 B Adyov ovx &ys, Ov deududg medg dLducv.

El yag &e 10 A mpog 6O B Adyov, ov doidpdg
790¢ aoududy, ovpucrgov éotar ©o A T B. ovx fome
0¢° o¥x &oa 10 A medg 16 B Adyov Eget, ov agidudg
7Qog aLdudv.

To dgu covupcton ueyédny meds &iinia Adyov ovx
e, xal va EErg.

4

7.

‘Eav 0vVo ueyédny medg &Adnia Adyov uy &gy,
0v deudpudg modg deLdpudv, dovppcroa E6Tar
Ta peyédn.

dvo yag ueyédn ve A, B meog &Adnie Adyov um
éérm, Ov apududg moog doLdudy: Adyw, Ot devpucTod
dore ta A, B ueyéd.

E! yog E&6ton evupcrox, 0 A meds o B Adyov
e, Ov doududg meds doududv. olvx Eyxer 04 devu-
uetoe doo fotl v A, B usyéd.

'Eov &ga 0vo ueyédny modg &AAnie, xol zo EEfjg.

1. 4 g¥delag] in ras. m. 1 b. omee e deifu] om.
Theon (BFVb). Seq. demonstr. alt.; u. app. 5. Post deifudy
ras, 8 litt. V. 7. 76] ins. m. 1 F 9. Ante forer ras. 1
litt. F.  &omv BF. 10. ye. 70 4 aga ngoc 7o B lo'yow ovx Eyee
mg. m. 1 b. 12. avy gtoe b. loyov odx Fya melg aunlu
BFb. 13, el Te egm,g om. F (in mg. quaedam erasa), ow

b.

doiduds moos deifudy B 20. dorv P, foren V. 21, yag
ovppetedy dote 76 A v B Theon (BF VD). 22, £rab. Gvmee V.
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itaque inuenimus 4: E= 4*: B®. — quod erat demon-
strandum.

VIIL

Magnitudines incommensurabiles inter se rationem
non habent, quam numerus ad numerum.

Sint magnitudines incommensurabiles 4, B. dico,
A ad B rationem non habere, quam habeat numerus
ad numerum.

4 Nam si 4 ad B rationem habet, quam
' numerus ad numerum, A et B commensurabiles
——  erunt [prop. VI]. uerum non sunt. itaque A
ad B rationem non habet, quam numerus ad numerum.

Ergo magnitudines incommensurabiles inter se ra-
tionem non habent, et quae sequuntur.

VIIL

Si dvae magnitudines inter se rationem non habent,
quam numerus ad numerum, magnitudines incommen-
surabiles erunt.

4 Duae enim magnitudines 4, B inter se
' rationem ne habeant, quam numerus ad nu-

merum. dico, magnitudines 4, B incommen-
surabiles esse.

Nam si commensurabiles sunt, 4 ad B rationem ha-
bet, quam numerus ad numerum [prop. V]. uerum non
habet. itaque magnitudines 4, Bincommensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
quuntur.

|—
—
B

‘ doududv] corr. ex deuBuds m. 1 P. 23. Zotiv P. 24,
ddv — peyédn)] om, F. meog allnla bis b.  xal e i)
Adyov pn Eyy, 6v deuBpog meog dotduov devppstoa forar V.
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Ta and tov pixee ovuuérpov evdeidv e~
todyove mwedg &AAnde Adpov Eye, Ov verod-
y0vog ¢etduds meog TeTedy@voy aeLdudy xal
T TETQAdy@VE TH mEOg GAAnAa Adyov Eyovra,
0v 16T0dy0V0g AQLduds mEOg TETPAY@VOY CQL-
Qudv, xal rag mievoag £Ecu prjxel ovuuérgovg.
Tt 08 and TV wixel acvuuérooy sVdsioY TE-
rodyove wedg dAAnia Adyov ovx Exer, ovmep
TETQAYOVOg AQLIUOg WPOG TETPA Y@V OV dQLiudy”
xal T& rveredywve ta mQOg GAAnAe Adyov un
éyovre, Ov TETQdywvog aQuudg meog TETEA-
yovov agidudy, 000t tag wAsvgag EEev urxee
gvpuiroovs.

"Eectwoay pag af A, B wixe 6vppsrgor Aéyw, Ot
70 and tijg A verpdywvov mEdg TO amd Tiig B Teved-
yovoy Adyov &pe, Ov TETQOYOVOG aAQLINOS WPog Te-
TQdy@VOY AQLIUCY.

‘Emel pop ovpueredg ot 5§ A vij B wine, n A
doa mpog Ty B Adyov &gei, Ov dgu®udg medg doLdudy.
éréro, 0v 6 I medg tov 4. imel ovv édomw dg § A
ngog v B, otrwg & I' medg tov A, alie rod ulv
rijg A mog v B Adyov dimwdaclwv é6riv 6 TOU dmd
tijg A vevgaydvov meds v0 and THg B vergaywvov:
To pag Opoix oyfiuare v durdeslovt Adye forl Tov
ouoidyov mievedv: zov 0 vov I' [apuBuov] medg
1ov A [dgiduov] Adyov dumdadlov éerly 6 ToD dmd Tob
I" rergayadvov mog Tov dmd Tov A revgdymvov: 0vo
yeo tetpaydvoy deidudy &g pédog dvdioydy feriv

3. modg &AAnle] supra ser. . &y V, corr. m. 1. 4,
doufudg] supra scr, . 2 B. 5, reredywva zd] supra scr. m.
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IX.

Quadrata rectarum longitudine commensurabilium
inter se rationem habent, quam numerus quadratus
ad numerum quadratum; et quadrata, quae inter se
rationem habent, quam pumerus quadratus ad nume-
rum quadratum, etiam latera longitudine commensura-
bilia habebunt. quadrata autem rectarum longitudine
incommensurabilium inter se rationem non habent,
quam numerus quadratus ad numerum quadratum; et
quadrata, quae inter se rationem non habent, quam
numerus quadratus ad numerum quadratum, ne latera
quidem longitudine commensurabilia habebunt.

Nam 4, B longitudine commensurabiles sint. dico,
A?: B® rationem habere, quam habeat numerus qua-
dratus ad numerum quadratum.

Quoniam enim A4 et B longl-
' —t | tudine commensurabiles sunt, 4: B
r rationem habet, quam numerus

—_— ad numerum [prop. V). sit 4: B

4 . =TI:4. iam quoniam 4:B
=TI":4, et A*:B* duplex est quam ratio 4:B (nam
figurae similes inter se duplicatam rationem habent

2 B. 8. avy.y.ergmv b (corr. m. rec.), g; «f seq. ras. F. 9.
6» BFD. 10. a(w&y.ov] om. V. 11, py Fyovve Aoyov V.

12, vmee V. 15, ydo] om. V. 16, to] (pnus) supra scr.
m. 1P ts-tqaymvov](alt)m 2 comp. F. 17. Gvmee V. 21
6v] ovv 6v Bb, odv corr, in odv 8 F% 22, I"a@u&y.og BVbL
ete corr. F. 4 ¢oduéy BFVb, 23 tiig] e corr. V.  Je-

nldoioy V corr. m. 2. 24, 6] corr. ex tév V.  26. tod
(alt.) om. P, Jsupra scr. F. aoidpot] om. P. 27. apmyov
om. P. 6 to9] o F. 28. Post I" del. weog vov 4 P.

TeTpaydvov] teteaymy seq. ras. 1 litt, F.  zév] =6 B. 29,
wéeov B, corr. m. 2.
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agdudg, xal 6 vergdywvog meodg 1OV Tereayavov [dpi-
Quov] dumdaclove Adyov Eys, Himsp N mAsvee meog
v mhsvedy E6riy doa xal og 1O amd Tig A Tered-
yvov medg 70 and tijs B zerpdyovov, otrmg 6 dmo
rov I' terpdyovog [doududg| meds Tov amé tov A
[@otdpod] Terpdymvor [deidudv]. -

‘Aida 07 E6tw dg TO dmd Tijg A TeTedywvov melg
t0 dn¢ vijg B, ovrwg 6 awd ot I’ tevpdywvog mog
Tov amd vov A |rergdyavov]” Aépm, Ot 6UupETEos
éovw 3 A tfj B wijuee.

‘Enel ydg d6tiv dg v0 and g A Tevedymvov meldg
10 amd vijg B [rerpdymvov], otrwg 6 amd vov I te-
Toapvog mWPodg 1OV amwd Tod A [tevedywvov], ¢l 6
ptv 10U amo tijs A tevgaywvov medg TO amd Tis B
[revoaymvov] Adpog dimwAaclov éotl tod tiig A mEog
v ‘B A0pov, & 0% tov amd vov I [dgiBuov] rerga-
yovov [dgiduod] meog tov dmd vov A [agiduod) Te-
roayovoy [aoidudv] Adpog dimdaciov éevl tov vov I
[@oeduod] meds Tov A [douduov] Adyov, Eorv doa
xal @g 9 A mpog v B, otrwg 6 I' [dedudg] medg
tov 4 [dgdudv]. % A dpo medg iy B Adpov &ye,
ov douduog 6 I’ mpog dodudy tov A evuustpog doo
dotlv 5§ A T} B prjne.

‘AAde 07 dolpustgog éotw W A tff B wixe Aéyw,
87t 70 dwd tijg A vereywvov medg TO amd tig B [ve-
Todyovov] Adyov ovx Eys, Ov TeTeAywvos deiduidg
YOG TETQUY@VOY AQLBuUdY.

El pop && vl amé mijg A vevgdyovov mpdg 1O
and g B [revpdyovov] Adyov, Ov tetpdymvog doud-

1. deuipdy] om. BFVh. 5. I'] in ras. F, I’ de®pot
FVb. deduds] om. P. 6. de8pod] om. P.  apidudr]
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quam latera correspondentia [VI, 20 coroll]), et I'?: #*
duplex est quam ratio I': 4 (nam inter duos numeros
quadratos unus medius est numerus, et numerus qua-
dratus ad numerum quadratum duplicatam rationem
habet quam latus ad latus [VIIL, 11]), erit 4%: B} =I": 45

TIam uero sit A4%:B*=1I": 4% dico, 4 et B longi-
tudine commensurabiles esse.

nam quoniam est 4%:B%=T": 4% et 4%: B® duplex
est quam ratio 4:B, I'*;: 4* autem duplex quam I': 4,
erit 4: B=1I": 4. itaque 4 ad B rationem habet, quam
pnumerus I' ad numerum 4. ergo 4 et B longitudine
commensurabiles sunt [prop. VI].

Yam uero A et B longitudine incommensurabiles
sint. dico, 4%: B? rationem non habere, quam habeat
numerus quadratus ad numerum gquadratum.

si enim 4%: B? rationem habet, quam numerus
quadratus ad numerum quadratum, 4 et B commen-

om. P. 8. B zergdywvoy BVDb et e corr. F.  7zov] corr. ex
s V. 9. tergaymvor] om. P. 11. 4] in ras. b. 12, zs-
tocdyovor] om. P. 13, t6¢] 6 b.  reredywwoy] om. P. 14,
zot] m. 2 F. 1] wov B, vov vot F.  15. reredywvov] om. P.

16. doifuot] om. P,  zerodywvos BY. 17, deudpov] om. P,
aofuos BV. ~ detbuod] om. P.  zergayavov P. 18, doid-
pov] om, P.  dezir P.°  1ob] om. V.  19. agiduov] om. P.

dofpoy] om. P.  20. deutuog] om. P. 21, aerfudr) om. P,

22. 70v 4] m. 2 B, 26. 4] corr. ex Bm. 1 V. TETQO-
yovor] (alt.) om. P.  29. rereaywvor] om. P.
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@og medg TETEAywVOoY aududy, evuustgog éotar 7 A
v} B. ovx &ori 0¢° ovm doa vo amd vijg A TerpdywvOV
7o 70 and vijs B [revodywvov] Adyov &get, Ov TeTod-
povog aguuds mEOs TETQAYWVOV dQLIUdY.

Ildiw 07 ©o dmd tijg A TeTodymvov mEog TO Amd
tijs B [terpaywvov] Adyov wy éétw, Ov tergaywvog
aoududs medg Teredymvov dgidudv: Aéyw, Gri devu-
uergog doviy v A vij B wimer.

E! ydp éori ovpuevgog 7 A vij B, e 16 amd tijg
A mdg tO and tiig B Adyov, Ov tevgdymvos dgLiuog
7Qog rTETQAy@VOY duiudy. ovx Eyer 0F° ovx deao
ovuuereds domiv 4 A tij B pijxee.

Ta dga amd TV pijxst ovuuirgwv, xol ta EEfs.

Hégiopa.

Kol govegov éx tdv dedeiyuévov Eota, Ot of
pijxer GUppETOoL mavrwg xal dvvdust, af 0% OSvvdust
0V mdvrog xal pixse [elmwee Tta dwd TV pirse Gvu-
uérpov ebdady tergdymva Adyov Eyet, Ov TeTgdymvog
aguudg meog TeTpdywvoy aeududy, ta 6 Adyov Eyovrea,
0v dgududg mpdg aguiudy, evpustod éerv. dore of
pixeL ovppsrgor evdelar ov uovov [slol] wixer ovu-
peTgol, dide xel dvvdues.

ntdw émel, 60a terodywva medg dAAnAa Adyov e,
0v TETQdy@VOg AQLIUOG TEOS TETPAYDVOV AL UGY, wrjxse
80elydn ovpuerge xel dvwdus Svie ovuusree TH T
tetpdyove Adyov Esw, Ov dgududs meog GoLdudy,
00c &oa tergayove Adpov ovx éysi, OV TETQEp@VOG
agLduds meog teTEdywvoy dguducv, dAie amidg, ov

2. Post B add. pixe: m. 2 V. 3. rerpaymvov] om P. 5.
47] om. b, 84 BFV. 6. zzredyovor] om. P. 8. dotv] e
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surabiles erunt. at non sunt. ergo 4%: B! rationem
non habet, quam numerus quadratus ad numerum
quadratum.

iam rursus 4%:B? rationem ne habeat, quam nu-
merus quadratus ad numerum quadratum. dico, 4 et
B longitudine incommensurabiles esse.

nam si 4 et B commensurabiles sunt, 4%:B? ra-
tionem habebit, quam numerus gquadratus ad numerum
quadratum. at non habet. ergo A4 et B longitudine
commensurabiles non sunt.

Ergo quadrata rectarum longitudine commensura-
bilium, et quae sequuntur. :

Corollarium.

Ex iis, quae demonstrauimus, manifestum est, rectas
longitudine commensurabiles semper efiam potentia

corr. F. 9. el] in ras. P. Zotou P. 10. 4 tnoayawov
BFb. B rerodywvoy BFb.  12. Post B add. aavyyerpog doa
fotlv §) 4 =] B FVb, B m. 2. 13. Post svppéremy add.
w&umv TeTQayOYe a:gog allnla 1éyow é’zu, 0¥ TETQAY VOGS aquﬁ-
uds mwodg vetooymvoy douduoy V.  Post éEfje add. Theon: omep
£8e1 deifor (BFVD). 15, #x] forw éx BFV.  Zorau] om. b,

17. 09] in ras. F, dvml.upm v V. elmeg] corr. ex imse
m. 2 V. <] corr. ex roig m. 1 F. 21 Post prixer add.
&l m. 2 B. elol] om. P. 23. Goc] av P, corr. mg. m. 1,

1etpa:ymva J.oyov Ere :n:qog aunla F. 26. rsrpaymvog aoLi-
pog w05 rstquwvov aguﬁp,ov BFVb. Post agtﬂpov add.
ooy & 1 xal 6 § o ytxe i a:qog Tov 4 loyov ovx #y8e, © ov. tetga-
yovog uquﬂyoc :n:qog nmayawov aqu&y.ov, avy.patgoz 0é: ol ok £9-
Beion, ag’ oy uvayqaqmoav, aavyuarqol elow* o yoo rsrgaymru
dloye slawy: mms o'v'v af prineL ovppeTQoL mxwwg notk d‘vmyaz,
af 3% dvvauss od mxwmg xal pimee b 28. a2’ BFV.  anldq]
om. Fb, m, 2 B.  8»] ov fregds tig BFVh.,
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aguduodg medg deududv, evpustoe pdv E6rer avra Ta
rerpdyave dvvduct, ovxéry 0% xal pijxers @6t Ta piv
pjxer ovppeTge méviwg xal Odvvdpel, T 0 dvvdapsr
oV mdvtog xol pixes, & un xel Adyov Eyoev, ov T&-
Todymvog deuiuds medg TeTedyovov doiduly..

Aéyw 04f, Ot [xad] af wijxst devppergor 0¥ mdviog
xal dvvaps, énedfmeg af Svvdue 6LpusTgor dvvavrar
Adpov w7 Eyew, Ov TeTpdywvog deLiuds mEOS TETQU-
yovov dgududv, xel die vovto duvvdust oveor GUM-
pergor uixer eloly aovuuergor. @ote 0vy of TG wiixes
aovppETQoL TAvT™g xeel Ouvdpst, dAde dvvevrar pixse
obom aovppsrgor dvvdpe svar xal devupcrgor xal
GUUUETQOL.

of 0t dvvauer agvupeTgor mavrwg xal pijxel a6vu-
petgor® &l pog [elol] mijxs eVppergor, Ecovrar xal
dvvdusr oVppstgor. vmoxewrow 0t xal dovuucrgor”
Omep dromov. af dga Ovvdus AGVRUETQOL TAVTAG
nol pnued].

Ajppe.

Adéentar év Tolg doudunrixols, 8vi of Spotor émi-
nsdor aguduol medg addijdovg Adyov Fyovew, Ov te-
TedYaveg doLduds TEOg TeTEdy@VOY deLdudy, xul Gte,
v 0vo agudpol meog dAdjiovy Adyov Hwow, ov
1eTQdYOV0g APLIUOS WEOS TETPAY@YOV AQLdudy, Gpotol
slow émimedor. xal 8nAov éx Tovrwv, Ot of uy Oporoe
émimedor aguduol, vovréoTy of uy dvdloyov Eyovreg
rog mAsvpdg, medg dAAjdovg Adpov ovx Epovowv, ov
TeTodymvog aQLduog mwelg TeTpdymvoy aeuiudy. & pag
EEoveLy, Opotor émimedor EGovien' Omep ovy UmoxeiToL.

1. doiducy mwve V. pév] om. V. #otou] eloww BF,
doriv comp. b; et V, corr. in pév m. 2. oedra] om. V;



ELEMENTORUM LIBER X. 31

commensurabiles esse, rectas autem potentia commen-
gurabiles non semper etiam longitudine.?)

Lemma.

In arithmeticis demonstratum est, similes numeros
planos eam inter se rationem habere, quam habeat
numerus quadratus ad numerum quadratum [VIII, 26},
“et si duo numeri inter se rationem habeant, quam
habeat numerus quadratus ad numerum quadratum,
similes numeros planos eos esse.?) unde adparet, nu-
meros planos non similes (h. e. qui latera proportio-
nalia non habent [cfr. VII def. 22]) inter se rationem
non habere, quam habeat numerus quadratus ad nume-
rum quadratum. nam si habebunt, similes erunt plani;
quod contra hypothesim est. ergo numeri plani non

1) Quae sequitur p. 28,17 — 30, 5 demonstratio corollarii
et superflua est et a sermone Euclidis abhorret. praeterea of-
fendit, quod plus demonstratur (1éye 87 lin. 6), quam propo-
situm erat.

2) Hoc nusquam demonstratur; sed est VIII, 26 conuersa,
qua etiam in IX, 10 p. 358, 19 utitar.

supra t¢ ras. est. 2. Ante duwdpz: add. rovtéony af evdeiu,
dy ov dveyedgnoay BFVb.  ©d] of BFVb. 3. cduperoor
BFVb. o] «f BFVb., 4. Supra fyorev m. 2: za rezpd-

yove V. 6. %a/] om. P. 7. Post dvvapse add. dovp-
pergor V.  Emaidimeq) émerdy) yeg P. 10. zg) om. FV. 11
dlda nal V. 12. ovppetoor xat dovpuereor P. 14, prjue]

-n- e corr. P, 15, #lot] om. P, elowv B, comp. b.  16. vxo-
ueivee b, Post xal del. Jvwapee F. 19, Ajjupa] om. P. 20,
on év F.  8n) supra ser. m. 1 b, 21. 16yov meodg ddirlovs
fyovawy F.  Zyovar P, corr. m. rec.  28. dvo] supra scr. m,
1 F. 25 Supra émimedor scr. of ¢gipol m. 1'b.  wij] supra
secr. m. 1V, 29, vméxewron P.
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of coa wy Ouovor éximedor medg dAAijAovs Adyov ovx
frovew, Ov TeTgayovog deududs mEdg TETEEY@VOV
aoududy.

’
L.

Tf} mooredelay cVPele mwpossvoely dvo &0~
delag dovppuérgovg, TNV uiv unxsL povov, Tyv
0% xal Svvdpus:.

"Edrw 7 mgorsdeloa evdeia v A° O&l Oy 5 A
mweosevgely 0vo evdelug acvpudrgovg, TNV piv wixst
uovov, Ty 0% xal dvvape.

‘Exxclodacay pag 0vo douduol of B, I' modg dA-
Mjdovg Adyov un Egovreg, Ov TETEAY@VOG dELIWOG TWEOS
TETQEY@VOY aQuiudy, TovréeTy un opovor Emimedos, xecd
yeyovéte og 6 B mpog tov I', oltwg 76 dmo tijg A
TETdy@VOY WPOS TO Al Tijs A rETdywvor” éuddousy
yaQ® evpueTgov Goa T dmd vijs A TG amd vijs A.
xal émel 6 B moog vov I' Adpov o¥x &ya, ov terpd-
y0V0g dgduos meds tergdywvor aguiudyv, ovd’ dec
10 amod vijg A meds To awo vig A Aoyov Eqs, Ov Te-
Todyevog Geududs meds TETEdymVOY GELIUdY doUu-
ueTgog doa fotlv 7 A i 4 pixe. elijpde Tdv
A, 4 uéen avaioyov v E° ¥orwv dga wg 1 A medg
v A, ovteg 16 and Tijg A TETEAYOVOV WPOS TO AW
tijg E. dovppsrgog 0¢ dotiv ) A T A paxe devu-
usroov Goo é6Ti xal vO Awd tTig A teroaywvov T

1. doe pq] in ras. m. 1 P, odx] ins. m. 1 V. 3. Seq.
demonstr. alt, u. app. 6. cvupéreovs B, corr. m. 2. 7. xal]
ins. postea F. 8. dsi] d- in ras. V.  10. 'm'vl’ tijs P, corr.
m. rec.; zf; V, sed corr. 13. rovtéonw P. ost émimedoe
add. /. F, cui signo in mg. nihil resp.; in b seq. of yae duoroc
dnlmedor mwedg dilnhovg Adyov f£yovery, v Tetedywyog ceidude
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similes inter se rationem non habent, quam numerus
quadratus ad numerum quadratum.

X.

Data recta duas alias inuenire ei incommensura-
biles, alteram longitudine tantum, alteram etiam po-
tentia.

Data recta sit 4. oportet igitur duas alias rectas
inuenire rectae 4 incommensurabiles, alteram longi-
tudine tantum, alteram etiam potentia.

Sumantur enim duo numeri B, I', qui inter se ratio-
nem non habeant, quam numerus quadratus ad nume-
rum quadratum, h. e. plani non similes [u. lemma],
et fiat B:I'== A4%: 4% (hoc enim didicimus [prop. VI

coroll.]). itaque 4* et 4#* commen-

M surabilia sunt [prop. VI]. et quo-
4 ' niam B:I rationem non habet, quam
Ei ' numerus quadratus ad numerum qua-

: anP dratum, ne 4%: 4* quidem rationem

habet, quam numerus quadratus ad
numerum quadratum. itaque 4 et A longitudine in-
commensurabiles sunt [prop. IX]. sumatur rectarum
A, A4 media proportionalis E. itaque A:4 = A*: E?
[V def. 9]. sed A et A longitudine incommensurabiles

meos TeTodymvoy deidudv; in V seq. due rodro, punctis del.
m. 2. 16. zijg] zo¥ P.  zijg] Tov P. 4] corr. ex B m.
1V,Bb. 19. 4] corr. ex 4 m. 1 F.  mds] supra m. 1 V.

76} corr. ext3 V. 4] Bb. 21. oriv] postea ins. F. 24.
E zévpdyovoy V.  25. Zoulw P.

Euclides, edd. Heiberg et Menge, III. 3
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and vijg E tergaydve: dovppctgog dou orly 7 A T
E dvvaper.

Ty Goe mgotedsioy ebPely vj A mpocevgnyran dvo

eVfstar aovupergor of A, E, wijne ulv uovov 5 A,
5 Ovvduer 0% xol wijxer OnAadny 9 E [Omee &0s Osifed].
oo’

‘Eav téocaga pepédn dvdioyov 9, 1o 02
nQGToY T deurége GUppsTgov f, xal To rol-
TOV TG TETd QT 6V uueTQoy 6TaL’ XEV TO TYGTOY

10 T devrége dovppsrgov ff, xal TO TElTov TH
TETA QTR aovupcrgor {0Tal.

"E6rocav té66age usyedn dvdioyov ta A, B, I, 4,
og 10 A mpog 76 B, otrwg 10 I’ medg v0 A, 10 A 0%
10 B abppergov Eorw’ Aéyw, 6ri xal vo I' 1¢p 4 ovp-

15 pergov EoTou.

"Enmel yoe ovpucredy éote 16 A 1 B, 16 A doa
npdg 10 B Adyov &ya, Ov d@ududg meog doududv. xal
éoriv g 16 A meds 10 B, obrwg 0 I mpds vo A*
xel ©0 I’ dga mpdg ©d A Adyov &ysi, Ov apududs meog

20 goududy: evuustoov dga fotl ©o0 I tg 4.

"AAe” 0 ©0 A ¢ B devpuctoov fotw’ Adyw, Ote
xel 0 I' 6 A acdppergoy éover. émel pag aovu-
uergov dove 10 A T B, 10 A4 dga mpdg tO0 B Adyov
ovx &yeu, Ov agududg mpog agududv. xal foTiv g

3. mgootefeloy Pbh. mooonvenyrar BFb. 4. 7] corr,
ex tj B. Post 4 add. xal B et F, sed del. 5. dmee #0=
dsikar] om. PBFb.  Seq. scholium in PBFb, u. app. 6. ]
corr. ex ¢ m. rec. P, ex iy’ V. 8._1:9(51071 & P, et sic sae-
pius.  7o] ins, postea F.  zolrow] 7 P et b (et sic saepius).

15. dotiv BVb. 16. domv P. 16 4] (alt.) postea ins. F. 17,

Bl corr. ex Am. 1 F, 18 76 A] corr.ex 6 4 V. 20, I'}
in ras. V.  21. Gz dedppeteoy fote wal v6 I'zg 4 V. 22,
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sunt. itaque etiam 4% et E? incommensurabilia sunt.?)
quare A4 et E potentia incommensurabiles sunt.?)
Ergo data recta 4 duae aliae inuentae sunt 4, E
ei incommensurabiles, 4 longitudine tantum, E autem
potentia et longitudine; qudd erat demonstrandum.

\

B XI.

Si quattuor magnitudines proportionales sunt, et
prima secundaque commensurabiles sunt, etiam tertia
quartaque commensurabiles erunt. et si prima secunda-
que incommensurabiles sunt, etiam tertia quartaque

incommensurabiles sunt.
Quattuor magnitudi-

nes proportionales sint
T — ' 4, B, T, 4, ita ut sit
A:B=1TI:4d, et 4, B commensurabiles sint. dico,
etiam I, 4 commensurabiles esse.

Nam quoniam 4, B commensurabiles sunt, 4: B
rationem habet, quam numerus ad numerum [prop. V).
et 4:B==1I:4 quare etiam I': 4 rationem habet,
quam numerus ad numerum. ergo I, 4 commensura-
biles sunt [prop. VI].

Jam uero 4 et B incommensurabiles sint. dico,
etiam I', 4 incommensurabiles fore. nam quoniam 4, B
incommensurabiles sunt, 4 : B rationem non habet,

A 1 Bt

1) Hoc ex prop. XI concludendum erat (quare Gregorius
propp. X et XI permutauit). omnino tota prop. X cum lem-
mate multis de causis suspecta est, et uix crediderim, eam a
manu Euclidis profectam esse.

2) Quare etiam longitudine (prop. IX coroll.).

forar] forw BFL.  28. 4] (alt) supra ser. m. 1 V. dee]
gupra scr. m, 1 F, 24. ovx] m. rec. b.
3%
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70 A mgdg ©0 B, otrwg 0 I' mpdg 10 4° 000t wo I'
dga medg Td A Adyov Eye, Ov @uduog medg GeLdudY
aevppcrgov oo éorl vo I' tj 4.

’Eav dga tvéooapa ueyédn, xal ve &g

.

Te v adrd peyédee cvuperoa xal diifjlocg
darl edupsrge.

‘Endvegov yee tov A, B 1@ I’ §6tw ovupstov.
Adya, Ore xal 0 4 @ B éore Gvupstoov.

‘Enel yao ovuusredy éave 6 A 3¢ I, 10 A dou
mpog ©0 I’ Adyov &yai, Ov deduds meos deududw.
éérw, Ov 6 4 mgog vov E. mddw, Emsl ovuuctodv
dove ©o I' v B, ©0 I' dga meds ©o B Adpov &yst, Ov
coududs meodg aeududy. éyxérm, ov 6 Z mpog tov H.
xal Adyov dodévrav omoswvotv Tob e, Ov Eyer O A
7wog tov E, xnel 6 Z npdg vov H elijpdwcay agibuol
étfig dv wolg dodster Adyows of O, K, A oz slvar
g udv vov 4 medg vov E, otrws tov O meds tov K,
g 0% vov Z medg tov H, odrwg tov K mpdg vov A.

"Emsl ovv dotiv dg 10 A moodg o Iy ofvmwg & A xeds
wov E, aAk dg 0 4 medg vov E, otrmg 6 @ medg
tov K, Eovwv dpo xal dg ©o A xpdg 50 I', otrag 6 @
nodg vov K. mdAw, émel do6tiv wg ©0 I’ xpog 70 B,
otrwg 6 Z mgog tov H, dik og 6 Z medg wov H,
[otrwg] 6 K :pds tov A, xal dg &g vo0 I' meos zo B,
otrwg & K modg vov A,  &ote 0% xel dg 10 A meog

1. 00d4] om. V. 2. aga] om. V. Adyor] dea Myov

ovx V. 4. réogage] Tt § F.  Ante xol add. avalo'yov 7
BFb; dvdioyor g 1 70 0} modroy 10 Ssvséew ovupereoV .

Post ££ng add. omwse £der Seifa V. 5.4 ] corr. ex &’ m.
rec. P. 6. peyédn b. 15, omdowr? V (comp.). 1t Enis]
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quam numerus ad numerum [prop. VII]. et 4:B=1I":4.
quare ne I': 4 quidem rationem habet, quam nume-
rus ad numerum. itaque I, 4 incommensurabiles sunt
[prop. VIII].

Ergo si quattuor magmtudmes, et quae sequuntur.

XIIL

Quae eidem magnitudini commensurabilia sunt,
etiam inter se commensurabilia sunt.

Utraque enim 4, B magnitudini I' sit commen-
surabilis. dico, etiam 4, B commensurabiles esse.

nam quoniam A4, I’ commensurabiles sunt, 4 :I"
rationem habet, quam numerus ad numerum [prop. V].
, st A4:I = 4:E.

4! 1 I 1 By - ‘
i A rursus quoniam I', B
. \E —® commensurabiles sunt,
I': B rationem habet
I W\Z —iK . d
— H A quam numerus ad nu-

merum [prop. V].

I':B = Z:H. et datis quotlibet rationibus, 4: E et
Z:H, numeri sumantur deinceps in rationibus datis,
©, K, 4 [cfr. VIII, 4], ita ut sit 4:E=@:K, Z:H
= K: 4.

 iam quoniam est 4:'— A4:E et 4:E= 0:K,
erit etiam A:==@:K [V, 11]. rursus quoniam est
I''B=Z:HetZ:H=K: A, eritetiam I''B=K: 4.

in ras. V; Magunoz e&qc F, sed corr,  dofeiow P.  18. oY d]
'mv postea ms F, 6 4 P. 20. 7d] (a.lt) corT. ex oy V. 22
64P. zovw I' P, 28. 6 I' P. d) 76v P. B] corr.
ex 'm. 1b 26 otrag) om P, ual o — 26. 4] bis F,
sed corr. 25. o I" P. 26. #orv P. 6] ¢ P,
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10 I, otrwg 6 O mpog tov K* 00 loov dgu éotly dg
10 A mdg o B, otrwg 0 @ meog Tov A. 0 A doa
mpdg 10 B Adyov &ye, Ov aguBuds 6 @ meog agLduov
Tov A ovpustoov doa forl t6 A to B.

b Te Goa t¢ avrg ueyéder ovupucroa xol dilijlotg
dotl ovpusroa: Omeg E0er Osibou.

o

‘Eav 7} 0¥0 uepédn oduueroa, vo 0t frsgovw

aVTdv peyife vivl dovupcgov 9, xal 16 Aowxdv
10 T avTéh dovpusrgov E0Tal.

"Eore 0vo ueyédy avupsroe va A, B, 1o 0% fregov
vty 0 A §Ade Tl 16 I aedpperoov ote’ Aéyw,
ot xel v0 Aowwdv vo B 1 I' dovuuerody fovw.

Ei pag éoti ovppetgov 1o B v I, addéd xal 0 A

15 16 B cYpueredv éovw, xal ©0 A &oo ve I' ovpusrgdw
dorwv. adde xol dodpucroov® 8mwsp adUvarov. ovx
doo ovpueredy ot v0 B ¢ I dovpustoov doa.

‘Boy doo ) 0vo ueyidn evuucroa, xal v &Eig.

Adijppe.
20  dvo dodeowy eVPedy aviday sbosiv, Tive psitov
dvvarer 7 pslfov vig éidecovog.
"Eotocay af dodeioar 0v0 dvidor evdstow af AB, T,

2. 6 A moog Tov B 4. dotly P. 6. cYupsrea] ovp-
supra scr. m. 1 P.  Gmeq 831 deibon] comp. P, om. Bb. = Seq.
lemma, u. app. 1. ty] o corr, in L'y m. rec. P, y in ras. F-
¢, 0 in ras. m. 1 B, o’ mg. 8. 4] om. V. peyE6n] -ys-
supra m. 1 P. auvuperpu F, sed corr.; o'vy.ystoa V & F.

11, d‘vo] mg. ye. uvrm m. 1. b 12. al.lm] étéom BFV.
13. ©6 B] om. b. ze I'] eras. b. éauzon T'b. 14,
8/ — I'] supra scr. m. rec. b.  I' 25 B P. ‘15, 4ot B,
comp, Fb, om. V. el — avpys ] supra scr. m. 1 F,
-Tgoy — 16. #ol] inras. F.  16. 8neg doviv F.  17. doe] (alt.)

'\
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uernm etiam 4:I'=@0: K. ex aequo igitur 4:B=0:4
[V,22]. itaque 4:B rationem habet, quam numerus
® ad numerum 4. itaque 4, B commensurabiles sunt
[prop. VIJ.

Ergo quae eidem magnitudini commensurabilia
sunt, etiam inter se commensurabilia sunt; quod erat
demonstrandum.

XTII.

Si duae magnitudines commensurabiles sunt, et
alterutra earum magnitudini alicui 1ncommensurab1hs
est, etiam reliqua eidem incommensurabilis erit. 7
A Sint duae magnitudines commen-
r—— surabiles 4, B, et 4 alii magnitu-
Bi———————— dini I incommensurabilis sit. dico,
etiam B, I' incommensurabiles esse.

nam si B, I commensurabiles sunt et etiam 4, B
commensurabiles, etiam 4, I' commensurabiles erunt
[prop. XII]. at eaedem incommensurabiles sunt; quod
fieri non potest. itaque B, I' commensurabiles non
sunt. incommensurabiles igitur.

Ergo si duae magnitudines commensurabiles sunt,
et ‘quae sequuntur.

Lemma.

Datis duabus rectis inaequalibus inuenire, quantum
maior quadrata minorem excedat.
Sint datae duae rectae inaequales 4B, I', quarum

postea ins. B. ~ 18. 7] om. P. advy.pstoa F, sed corr.  xed
w egng] 0 8% stgov adray peyé@ec Tl devppetooy 7, nal
-ro lotmoy 6 adrd devppergoy fovar: Gmee #des dsifen V. 19,
e’ B, 20. dvisov 98y F. 21. #larrovog F.
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ov pellov é6tw 7§ AB- det O sbgstv, Tive petfov
dvvarar y AB tiig I

Teyodpda éml vig AB fuxvxiiov 16 AAB, xel
&lg avto dvmoudedw vy I lon ff Ad, xal éneleiydo

5 7 4B. @avsgov 81, 6ve dpP1] doriv ) Vo A4 B pavie,
xal 0te 7 AB vig A4, voviden viig I', peifov O0v-
verar tff 4B.

‘Ouolwg 0 xal 8vo dodeomy evdeady 7 dvvapévy
avrag svgloxeTal ovrwmg.

10  "Eotwéav of dodeloar dvo svdsioar af AA, 4B, xal
dédov &otw &gy v Svvapfvny avrdg.  xel6dmoav
yag, oore oy poviey meguéyew tav tmd A4, AB,
nol émelevydo 7 AB* pavegdy mdiw, Ove 1 tag Ad,
AB Svvapdvy éotly v AB* 8mep #ds dsifou.

15 0.

Eév tédcuges svPsiar dvdiopyov @owv, 09-
vnrar 0 7 modvy tijg devrégag psifov Te amod
ovuuéroov favey [wixet], xal 4 Tolry Tig ré-
tagryg pelfov dvviosrar TG dmd ovuufrgov

20 Savry [pnxet). xal dav 3 medry vijg devrépag
puetov dvvyrar ve axwd aovuufreov favrd [wig-
x&1], xal ) volry vijs vevdoryg pellov dvvidetar
T and devppéroov favey [urfxec].

"Eetwoay 1é6cagss evdelar dvdioyov af A, B, T, 4,

25 wg 17 A medg v B, obrag 4 I’ medg vy A, xal 7

1. fotw] corr. ex domww m,. 2B. 3, ABA P. 4. avrg
e corr. F. 7 Ad ion F. 6. peifov] corr. ex pelfoy m,
1 F.  10. of doBeioar] om. V. «f] of Sofsioar «f V. 11.
77jv] ins. postea V. éxxeloBwoay BF VL. 18, Ante malew ins.

dortm. 1F. Snumdlivb, Gm 9] 7jinras. F. 14, Gaee £des
dzifay] comp. P,om. Theon (BFVb). 15.:¥']dinras. F, corr. ex

=
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maior sit 4B. oportet igitur inuenire, quantum 4 B?
excedat I'%.
4 describatur in 4B semicir-
culus 4 4B, et in eum aptetur
rectae I' aequalis 44 [IV, 1],
4 B L et ducatur 4B. manifestum
igitur, [ 44 B rectum esse [III, 31], et 4B*= 4 4*
+ 4B =TI* 4 4B [1, 47].
Similiter etiam datis duabus rectis recta quadrata
iis aequalis hoc modo inuenitur.
sint datae dume rectae 4.4, 4B, et oporteat rec-
tam quadratam iis aequalem inuenire. ponantur enim
ita, ut angulum rectum comprehendant 44 B, et du-
catur .4 B. rursus manifestum est, esse AB? = 4.4°
+ 4B%[1,47]; quod erat demonstrandum.

XIV.

Si quattuor rectae proportionales sunt, et prima
quadrata secundam excedit quadrato rectae sibi commen-
surabilis, etiam tertia quadrata quartam excedet qua-
drato rectaé sibi commensurabilis. et si prima quadrata
secundam excedit quadrato rectae sibi incommensura-
bilis, etiam tertia quadrata quartam excedet quadrato
rectae sibi incommensurabilis.

Sint quattuor rectae proportionales 4, B, I, 4, ita
utsit /:B=1TI":4, et sit =B+ E, =44 Z¢

iy’ m. rec. P, 1s"B (mg.«d"). 16, dor Vb, 17. zd] e corr. V.

. 18. prmer] om, P, 19. ¢mwo zijg b, 20. pijxes] om. P, 21,

Svwionrar ¥V, sed corr, ovppérgov F,et B, corr.m. 2. fovrd b,
pijxee] om. P. 22, Svwnonrar F.  28. cwuppéreov PF, et B,

corr. m. 2.  fevtd b,  pixe] om. P. 24, {orwoay & V.,
25. 4] e corr. V.,
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A p¥v vijg B peifov dvveode té and tig E, 7 6: I
tiig 4 ueifov dvvaedw t¢ ano tijg Z° Afyw, Ori, elte
ovpuergdg dorwy ) A tfj E, ovuusreds dore xal 5 I
tfj Z, &ive dovpperods ot 1) A vjj E, dovuperods
éore nal 6 I' zfj Z.

‘Emel pdg dovv oog 7 A meog i B, ovrwg 4 I’
wpog v A, éetwv doo xal @g T0 dwd tig A mEog TO
and tijg B, odrwg 10 dmd tig I' mpdg 70 dmd tijg A.
aAde v udv dmo tijg A loa éoti ve dmd rév E, B,
tg 0t amo vijg I' loa dotl va dmod vév 4, Z. Eerwy
doa ag 1o amd tov E, B medg o amd tijg B, oDrws
ro and tov A, Z mdg T dmwd viig A° dwsAdvre &g
éotiv g T and rijs E medg TO dmd vijg B, ottawg TO dmod
tiic Z meds 0 amd tijg A' Eoww dpa xel og 3 E
npdg v B, ottwg % Z medg v 4° dvimaiww dea
dotlv g 1) B mpog v E, otrag § A meds v Z.
éove 0 xal @¢ 7 A mpdg v B, otrwg ) I' mpds
my A4+ 8. loov doa éotlv dg % A medg 1y E, otrag
% I medg wiv Z. site oy ovpusreds éotww % A vij E,

20 ovpuetds foru xal i I' v Z, &lve acvupuereds éoviv

7 A 5 E, aevupepds éote xai q I vjj Z,
'Eav doa, xal ta &g,
€.
Eav 0v0 peyédn cbuperoa ovvredij, xal 1o

25 0oy Exatégm avT@Yv cvppetgov EoTal xdv 1O

Odov évl avrdv evupcroov 7, xal ta éE doyig
peyédn ddpperoa Edrat.
Svyxelodw yag dvo ueyédn evuusvoe ta AB, BI™

1. vijg Bl corr. ex z; Bm. 1 b. I' 3¢ BFb. 3. éerv]
om. V. 7] corr. ex zfis m. 1 P. domv B. 4. Z] e corr.

N
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[u. lemma]. dico, siue 4, E commensurabiles sint, etiam
I', Z commensurabiles esse, sive 4, E incommensura-
biles sint, etiam I, Z incommensurabiles esse.

nam quoniam est 4:B=1I":4, erit etiam 4%:B?
=TI%: A2V, 22]. verum 4*= E’—}-B’ M= A7
- itaque E*+4 B*:B* = 4% 4 Z*: 4%
1 subtrahendo igitur [V, 17] E%®: B®

= Z?: A% quare etiam [VI 22] E: B
Z — Z:4. itaque e contrario [V, 7

coroll) B:E = A4:Z. uerum etiam
1B ra A:B=T" 4. ex aequo igitur [V, 22]

A:E=T"1Z. itaque sive 4, E com-

mensurabiles sunt, etiam I', Z commensurabiles sunt,
siue 4, E incommensurabiles sunt, etiam I, Z incom-
mensurabiles sunt [prop. XIJ.

Ergo si, et quae sequuntur.

XV.

Si duae magnitudines commensurabiles componun-
tur, etiam totum utrique earum commensurabile erit;
et si totum alterutri earum commensurabile est, etiam
magnitudines ab initio positae commensurabiles erunt.

Componantur enim duae magnitudines commensura-

m. 1b. 6. douw PB. 7. el om. V. 9. z¢] corr. ex
to m, rec. P. Ajinras. m. 1 P, deriv P.  10. doriv P.
Z, 4 P. 11EB]AZB «F. Bl 4B, 12 .4,Z
EB B. v F. 4] B in ras. m. 2 B 13. dwd] (a.lt
ins. m. 2 F. 14. forv — 16. 4] mg. m. 1 P. 14.
supra scr. m. 2 F. 17 foriw P, 19.¢lr’ P.  20. ori] donew P
ost &ire del. odw b. dotiv] om. V. 21. o'vppsrqog b.
domiv B. 22, &oa] om. V. ~ Ante xa/ add. récomees sv-
deioe uvaloyov dow (dor V) FV. 23, ] e corr. PF; «f' B,
mg. €. 28. ovyneic@woay BFb, BI'] e corr. F.
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Aéyw, St nel Siov ©o AT éxarépe tédv AB, BI éete
aduuergov.

’Enel pog ovupevge éoti te AB, BI, uesrgiee T
adve ulysbog. pergiftw, el forw vo 4. émsl odv
10 4 v& AB, BI uerget, nat 6iov 16 AT pererioe.
pereel 0t xal va AB, BI'. o 4 dpata AB, BT, AT
pergel” ovuusToov doa éotl v0 AT énatépp tév AB, BI.

‘dAde 0n vd AT Eorw oduuctoov 166 AB' Aéyw
07, 6t nal v AB, BI' abupetoe éoviw.

Enel poo ovppergd éovi ve A, AB, uergros T
avre pépedog. pergeito, xal &6tm 10 A. émel ovw
10 4 ve I'A, AB pergsi, nal Aowwdv &ga ©o BI pe&-
vg1jost. uerpsl 0% xal voO AB* ©6 A &po va AB, BI”
peroroct’ ovpuerge oo éorl va AB, BI.

’Eav dge 0vo peyédn, xal ve éEfs.

5.

‘Eav 0vo peyédn acdpusroa cvvredi, ral
7o 6Aov éxau’gm avTOY &o"éy.ye'rpo'u fotar xdv
td Glov évl adrdv devupstoov 7, xal tTa é§
agyijic weyédn advyyerga oral.

Svpnei6Bo pag 0Vo ueyédn aevuusroarve AB, BI'*
Adyw, i xal Sdov 10 AT éxavéom tdv AB, BI' devu-
ueToy otiv.

1. xal] nal 16 V. tav] tde P. forar b, ovpps-
g6y dore V. 8. douy P. 8. 1a] (prius) corr. ex téy F,
7. doriv P. 8. AT'] AB, BI' P; AT évl viv 4B, BI" Theon
(BFVb). 5] 1 P, {010 Cr 6 (corr extd V) Theon (BFVD).
9. 7] supra scr. F. 10. éoiv P. Al') T4 P, I' ecorr. b;
mg. yo. 4B B'm.1b. 12. AT FV. 18. 1] 262 V. 14
dotiy LPB 15. Post peyé®n add. evppsrea 0’07‘!6‘9‘7] xal 70
dlov Exaréem adridy ovpp.stgo‘r forar V. Post £Eiig add. onee
#8e dsikar V. 16, 15"] corr. ex &' m. rec. P, mut. in ¢ m.
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biles 4B, BI. dico, etiam totum AI" utrique 4B, BI'
commensurabile esse.

nam quoniam 4B, BI' commensurabiles sunt, mag-
nitudo aliqua eas metietur. metiatur et sit 4. jam
; quoniam . magnitudines

AB, BI' metitur, etiam to-

tum 4I' metietur. uerum
etiam 4B, BI' metitur. A igitar 4B, BI', AT me-
titor. ergo 4TI utrique 4B, BI' commensurabilis est
[def. 1].

Iam uero AI', 4B commensurabiles sint. dico,
etiam 4B, BI' commensurabiles esse.

nam quoniam AI', 4B commensurabiles sunt,
magnitudo aliqua eas metietur. metiatur et sit 4. iam
quoniam 4 magnitudines I'4, 4 B metitur, etiam reli-
quam BI' metietur. uverum etiam 4B metitur. A igi-
tur 4B, BI' metietur. itaque 4B, BI" commensura-
biles erunt.

Ergo si duae magnitudines, et quae sequuntur.

XVI.

Si duae magnitudines incommensurabiles compo-
nuntur, etiam totum utrique earum incommensurabile
est; et si totum alterutri earum incommensurabile est,
etiam magnitudines ab initio positae incommensura-
biles erunt.

Componantur enim duae magnitudines incommen-
surabiles 4B, BI dico, etiam totum AI" utrique 4B,
BI' incommensurabile esse.

4 B
f———1 4

2 F; o B, mg. 1s’. 19. evpperoor B, corr. m. 2; item lin. 20.
21. ovyxeloBwoay V. BI'] corr. ex I'B F.
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E¢! yag w1 oty devpperga o I' A, AB, pergroet
n [avra) péysbog. uerpsirw, & dvverdv, xal E6rw
10 A. émel oov 10 4 16 I'd, AB perget, xal Aoumwov
Goa 10 BI' uergijoer. upstoel 0% xal 10 AB' vo 4
doa v&: AB, BT pevgei. 6vpueron doo éo6vl vo AB,BI™
vnéxevro 0% xel dovpusron Smeg éovlv ddvvarow.
ovx dga v& I'd, AB perorioe T uépedog' dovuusron
toa fotl ve I'd, AB. bpolwg Oy Odsifousv, Ove xal
e AT, I'B aevpperod dovv. v6 AT &Gpa éxavéep
t6v AB, BI' aovppcrodv éorow.

"AAde 07 10 AT évl vév AB, BI éovppstgov i6te.
forw 07 medregov v AB* Adyw, Gvi xel e AB, BI'
dovupered foTwv. &l pog EoTow OVuueTee, wergroe
1t avra ulysdog. pergelro, xal fotw 1o A.  émel
ovv ©6 4 ve AB, BT ustoel, xel Shov Goa to AT
uergrose. uwersl 0% xal vd AB* 1o A dpa va I'd, AB
uergel. ovpucron oo éorl ve I'd, AB* vnéxeiro 6t xal
dovpucton: omep éorlv ddvvarov, ovx &go v AB,BI"
peTonos T uéysdoge aovppcroa dga éotl ve AB, BI.

‘Eav doa 0Vo peyédn, xal ta &Eqg.

Adijppe.
Eov magd e eddsioy magaflndy maoaAinid-
voauuov Eileimov elder terpaydve, TO magafindiv

1. ©d] zo P. 2. adrd] om. P. 4. AB] BA V. 5.
dotiv LP.” 6. dmoxewwton LBb.  ddvwardy domy V. 8.
fotiv LP. 9. Ante A" del. 'm. 1 P,  odpperoe B, corr.
m. 2. #ne V, comp. Fb. I'4F. 10 £am:ﬂ om. B, 11,
forw] om. P.  12. #otw 1) wedzegov] nal medzor Theon (BF VD),

té] e corr, V,  13. cmui]) éo6te V.  ovppsroa] supra scr.
¢- m. 1F. 17 Zotl] dotév P, comp. F, &orer LBVDb, omé-
xevro F, 19. #ocfv LP.  Post BT add. dpolwg 35 dery-
Djostan, 8re 16 A4 nel lowg e BI' dodpperedy doty FVb,

v 4w z2a fa. e=aw B4 B3 v 2=
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nam si I'4, 4B incommensurabiles non sunt, mag-
do aliqua eas metietur. metiatur, si fieri potest,
_ et sit 4. jam quoniam 4 magnitudines I'4,
Jd AB metitur, etiam reliquam BI’ metietur.
uerum etiam 4B metitur. o igitur 4B, BI'
metitur. itaque 4B, BI" commensurabiles sunt,
supposuimus autem, easdem incommensurabiles
= esse; quod fieri non potest. itaque nulla magni-
tudo I'4, 4B metietur. ergo I'4, 4B incom-
mensurabiles erunt. similiter demonstrabimus,
m AI', I'B incommensurabiles esse. ergo AI
que 4B, BI' incommensurabilis est.
lam uero AI alterutri 4B, BI" incommensurabilis
sit prius magnitudini 4 B incommensurabilis. dico,
m AB, BI' incommensurabiles esse. nam si com-
1surabiles sunt, magnitudo aliqua eas metietur.
datur et sit 4. iam quoniam 4 magnitudines 4B,
' metitur, etiam totum AI" metietur. uerum etiam
' metitur. o igitur I'4, 4B metitur. itaque I'4,
' commensurabiles sunt. supposuimus autem, easdem
>mmensurabiles esse; quod fieri non potest. itaque
la magnitudo 4B, BI" metietur. itaque 4B, BI'
ommensurabiles sunt.
Ergo si duae magnitudines, et quae sequuntur.

Lemma.
Si rectae alicui parallelogrammum adplicatur figura
wdrata deficiens, adplicatum spatium regtangulo par-
m rectae adplicatione ortarum aequale est.

3. tetpaywve] corr. ex maguaiinloyeeppo m. rec. b. 6]
F. 70 megafindév] om. b.
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looy éotl v@ Vmd tdv éx tijs magefolns pevouivey
Tunudtoy Tig evdelag.

Iego: pap svdelav vy AB megafefiniodw mapal-
AnpAdppaupov v0 A dhdsinov elde Terpaydve tep 4 B-
Adyw, 811 ooy éotl 10 Ad vé vmd viv AT, I'B.

Kal donv avrédev pavegov: émel pop retoaywviy
éoti ©6 AB, loy dotlv vy AT ©fj I'B, xal éote 6 A4
70 vno tov AT, I'd, vovréors vo Omd tov AL, I'B.

’Eav &pa mape tive svdeiov, xel to &g

of.

'Edv o1 0vo e0Bslar &vicor, Td 0} tevdoro
pnéger vov amd tijg éAdccovog [oov maga TV
pelfove wagafindT éAAcimov sidel Teroaydve
xal £0g 6VupeTQa avTy draipf prixsl, 1 pelioy
zijg éAa6oovog petfov dvvieeTar TG awod Gvu-
uérgov favrf [prixer]. xal éav 4 peliov Tig
diaoGovog psifov dvvnrar vd and svpuérgov
favty [urjnel], vd 0% verdoro vov and tijg éAao-
covog loov magk v peliove napaPAndy éAdel-
mov &llss Tergaydve, sl ovupsree avTyv
Oiavgel prixse.

"Eerwoay 0vo svdeiar &vidos ef A, BT, av uslfov
% BI', vj 0t vevdore péper tov and tijg fAdodovog
tiig A, tovtéers vd amd vijg fwesleg vijg A, loov
nege oy BI' megafepfiiodn élAsinov sids terpayave,

8. ©6 44 magaiinidyeappoy Theon (BF Vb, ante 44 eras.
T'd F). 4 wreaydvp] corr. ex magalinloyecupsr m. rec. b.

4B) B4 Fb. 6. dovty LB,  1¢5] 70 F.  AT'] corr. ex
'dfm 1b. TI'BlIecorr. V. 1. éouw LB. TIB] BI

BV. 6wy LPB, 8. I'd] AP, 4 ecorr. V. tovtéere — I'B}
m 2V, zovréoty LPBYV. 9. Post s98siay add. maga-
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4 Rectae enim 4B parallelogram-

mum adplicetur 4 4 figura quadrata

A B deficiens. dico, esse

4 r B A4 =AI'<IB.

et per se patet; nam quoniam 4B quadratum est, erit

A =TB. et Ad = A ><I'd = A" >< I'B.
Ergo si rectae alicui, et quae sequuntur.

XVIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatinm maiori adpli-
catur figura quadrata deficiens, quod eam in partes
longitudine commensurabiles diuidat, maior quadrata
minorem excedet quadrato rectae sibi commensurabilis.
et si maior quadrata minorem excedit quadrato rectae
sibi commensurabilis, et spatium quartae parti qua-
drati minoris aequale maiori adplicatur figura quadrata
deficiens, eam in partes longitudine commensurabiles
diuidet. .

Sint duae rectae inaequales 4, BI', quarum maior
sit BI, et quartae parti quadrati minoris 4, hoc est
(3 4)% aequale spatinm rectae BI" adplicetur figura

Andj megaldnidyeapuoy V. Post, é&fjs add. zijs meordoeng
BVb, Fm. 2. 10. i Fm. 2; :8' B, mg. of. 11, dow P,
12 éldrrovos F. 13. tetqaywvm] in ras. m. 1 b. 14.
pnun F. 15, élaucwog V. ovppéreo F. 16. prjza] om. P,
& F. 714 b, et F, sed corr. 17. #ldrrovog F. peigor]
mg. m. 2 F, pet{wa b. 18, wijxer] om, P. Post zezdero
add. péeee b, F m. 2 élaﬂ:ovog F. 20. efg] in ras. V,
corr.ex el m.rec. b.  adzij V, sed corr.  21. dusder B, duédy
Vb et corr. in dizdel F. uixy F. 22 peitoy b, pal{wv

&otew F. , . 23 ddzrovos F. 24. tng] % F. tovtéory P.
) to F, et V, sedcorr. m. 1. tod 4 B; =7} 4 V, sed corr.
Euclides, edd. Heiberg et Menge. III. 4
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xal f6t0 to Uwo vov Bd, AT, thyy,ezgog 0% &0t 4
BA tfj AT y,n'uet Aéyw, 6T 7 BI' vijg A peifoy
dvvarar T amod Gvy,ye’tpo'v saven.

Tezmyd&m yag 7 BI' 0(y0 xave t6 E onuciov, xal
xel68w i AE loy 7 EZ. Aoumy doa 1 AT leny éotl
tfi BZ. xal énel evdsia n BI térpnrow el udv loa
xare v6 E, elg 0% dvica xata vo A, ©d ¢ga Umd B4,
AT megueydpevov dpdoyawviov pete tov amd tijg EA
tergayevov loov Zoti tg amd vig EI tergayidve”
xal T TETQUTAGGLL® TO DQo TETQAKLG VRO TV B A, AT
perd ot revpamdaclov tov dnd vig AE leov dorl e
terpanig dnd tijg EI tetgaysve. alle v pdv terpa-
niedip vov vnd téy Bd, AT leov ot vo dmo g
A tevpayovov, t 0 rvetoamAucip tol and viig AE
loov Zotl 10 amd tijg AZ Tevgdywvov” SimAaclov pig
dovv ) AZ viig AE. t$ 0} vevgamiecip rov dmd
tiig ET l6ov éotl 10 amo vijs BI terpdywvov dumde-
6lov ydg éov. mwalw §) BT g TE. ta dga amd tév
A, AZ vevpdyove low otl te Gxo g BI tevpaymve:
@dote 10 and tig BI' vod dmo wijg A petfév éori vep
and tijg AZ* 3 BT &oa vijs A peifov ddvaraw v AZ.
dzunréov, 0T xai euucrpog éotiv §) BI vff AZ. énmel
yag 6Vuueredg detiw ) BA tij AT wixe, evpucroog
doo dotl nal % BI v I'd wixe. adde 9§ I'd raig
I'4, BZ ot cvppergog pier oy ydp devwv 5§y I'd
i BZ. xoal §) BT dpa ovupsroos éove taly BZ, I'd
wijxe” @ote xal Aownf) vif ZA4 eduuergdg doviv v BI

1. 4T] I''in ras. F. 3. Post favry add. pixer Vb, F
m. 2. 5. 4I'] corr. ex BI' m. rec. b. ~ doriy P, 7. vmo
tay BFV. 9. doxdv P. 10. zdJm. 2 V. 0] zé¢ B. Bd]
in ras. m. 1 P. 11, reteanig Theon (BFVb).,  toi] om.
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4 quadrata deficiens, et sit B4 >< A4T"
e [u. lemmal, et B4, 4I" longitudine

Bl;i__ﬁ i commensurabiles sint. dico, BI™
excedere A4* quadrato rectae sibi
commensurabilis,

nam BI'in puncto E in duas partes aequales se-
cetur, et ponatur EZ — AE. itaque 4I'= BZ. et
quoniam recta BI' in E in partes aequales secta est,
in 4 autem in inaequales, erit [II, 5]

BA>< A'+EA4*=ETI"
et quadrupla eodem modo; quare
4BA ATl + 4 4E? = 4 EI™.
verom 4% = 4Bd > AI', A42? = 4 4E® (nam
AZ=2A4E), BI'*=4 EI"* (nam rursus BI'=2TE).
itaque
A+ 47 = BI'?

quare BI'® excedit 4® quadrato 4Z* demonstrandum,
BI, 4Z commensurabiles esse. nam quoniam B4,
AT longitudine commensurabiles sunt, BI' et I'A
longitudine commensurabiles sunt [prop. XV]. uerum
I'4 rectis I'4, BZ longitudine commensurabilis est;
nam I'4 = BZ. quare etiam BI rectis BZ, I' 4 longi-
tudine commensurabilis est [prop. XII]. quare BI etiam

Theon (BFVb). EdJ FVb. Ise BF. 12. TEF. <teroe-
nlaclp Tod] Tergdnis Theon (BFVD). 18.zav] om.b. 14, d¢]
pos’fen ins. F.  zergdxntg, om. zov, Theon (B Vb) 15. 7&-
toayovvoy P, corr. m. 1. 16, Z4 P.  zerpawig, om. tod,
Theon (BFVb) 18. TE] ETr V. 19. 4, 4Z] e corr. V.

retgayove] [J° supra scr. m 1V. 20. Post @ore ras. 2
litt. V. 21. zff] corr.exrov F. Za P. 22.Z4P. 23.
dous P, corr. m. 2. 24, all’ F. 25 ZB F. 26. tais BZ,
rg dom odppergog Theon (BFVD).  lomw P. 27, prjxse]
7 in ras. m. 1 P. BI'] in ras. V.

4*
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wixer 5 BI doe vijg A peifov dvvetar ve dmo ovu-
pérgov éavry).
‘Aida 0y m BI' vig A peifov dwwaodeo t6 amd
evpuérgov evrij, te 0% tevdore Tov amd g A loov
5 woge Ty BI nagafefiiofo éddsimov slde tevpaywve,
xal &6tw O Umd tov BA, AT. Odaxvéov, o1e ovyu-
peredg ovew 1 BA tfj AT pnxs.
Tév yag avray xeredrsvacdéviov ouolmg dsiEousy,
ove 7 BI vijg A peifov Ovvarar te anmd s Z 4.
10 0vvarar 0t % BI tijg A psiforv t¢ amd cvupuérgov
éovrfj. @vppergos doo dovlv v BI tff ZA uigxer’
wore xol Aouwf] cvvaugpotépem tfj BZ, AT evuustods
éovww § BI' unxer. alda evvaugdrsgog v BZ, AT
oVuuergdg éote vy AT [wijxer). dere nel §) BI v I'd
15 OUpueTQog dove wixee’ xal dueAdvre doa 7 BA ©f AT
doTL ovupeTgog pijxe.
'Eov dga 661 dvo evdslaw &vidol, xal ve EEdjg.

oy
‘E¢v &01 0v0 evBslat Gvidos, 1o 0} tszagtm
20 wéeeL Tov amo zis éAadeovog 2 waga TNV
uellove nagafindy éAdelmov eldel tevpaywve,
xalelgaovpperoaavryy diaief [urned], quelior
tiig éAae6dovog peifov dvvidETal @ axd dovy-

2. Post favrj add. wijxee V. 4. 7o¥] in mas. V. 8.
opolog 81 V. dstgopev] dze- corr, ex dy- F. 9. Post Zag
del. m. 2: o¥rw yae vmomerrar V. 10, peidov vijg A P. 11,
faveiig P. 12, xe/] m. 2 F. ,ovvepgotéen] -0 e corr. V.

7] corr.exzé F. 14. 4T ovpueTgos fotTL heon (BF Vb;
tjj AT postea ins, F). prixee] om. P. Dein add. Theon: l‘an
yoe éouv 7) BZ vjj AT (BF Vb; 7j corr. in vjjg m. 2 F, g b;
I'dF). dors] om. Theon (BF VD). BI &ge Theon (BF Vb)
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reliquae Z 4 longitudine commensurabilis est. ergo BI™
excedit 4% quadrato rectae sibi commensurabilis.

Tam uero BI™ excedat 4* quadrato rectae sibi com-
mensurabilis, et quartae parti quadrati 4% aequale
rectae BI adplicetur spatium figura quadrata deficiens,
et sit BA > A4I" [u. lemma). demonstrandum, B4,
AT longitudine commensurabiles esse.

nam iisdem comparatis similiter demonstrabimus,
esse BI" = 4* | Z 4. BI'® autem quadrato rectae sibi
commensurabilis excedit quadratum 4. itaque BI, Z 4
longitudine commensurabiles sunt. quare BI" etiam re-
liquae BZ 4 4TI longitudine commensurabilis est [prop.
XV]. verum BZ - 4TI rectae 41" commensurabilis est
{prop. VI]. guare etiam B I, I"4 longitudine commen-
surabiles sunt [prop. XII]. itaque etiam dirimendo
B4, AT longitudine commensurabiles sunt.

Ergo si duae rectae inaequales datae sunt, et quae
sequuntur.

XVIIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
incommensurabiles diuidat, maior guadrata minorem
excedet quadrato rectae sibi incommensurabilis. et si
maior quadrata minorem excedit quadrato rectae sibi

ovpupereog dore vj) I'd Theon (BFVb; 4I' V). 16 pjner
xal] om. Theon (BF VD). 17. xal va &) 76 8% tevdere
péoEL 70D dmd TS élaaaovos looy mxpa v eltove nooaf 1.1707;
£1Zemov sidas wzquymvm, nal ta EEdjg- onae !’:lu dsifoe V.
* B, o mg. 19. dawv B.  20. éldzrovos F. 22, mlusF]
om, P, wijxn F. 23. fldrrovoe F. 6 F.  ovppéteov
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uéroov éavry. xal éav 7 pelfov tig éldécovog
peifov dvvnTaLtg awo dovpuéroov favey, e 03
TETdQTO TOV amd T1j¢ éAdE6ovog [Gov maga THY
pellova maoafindij éAdelnoy eldee Tergayovo,
el aevupsToe avTyy drarsl [wixe).

*Earacay dvo evdslow dvidor af A, BT, ov pelfov
% BI, t 0} revdoro [puépe] Tov amd tiig éhdocovog
tijc A loov maga v BI' magafefiiodw ‘iieimov
elde teroayave, xal é6to to vmd thv BAT, aovu-
uergog 0% fovw ) BA tf) AT pijxer Aéyw, 6t 4y BIT
tiis A pelfor dvverer Te amd dovuufroov favry.

Tév pao avtédy xaracxevasdéviov ©d meiregov
opolog delkopev, ove 1§ BI t5ig A pstfov dvvares T
amd tijg ZA. Odaxvéov [odv], Ort doduperdg éoTiv
3 BI vff AZ wixe. émsl yap aevpueroog éoviv 7
BA vfj AT wijxer, devppsrgog doa éovl xal § BIT
tfj I'd pixee. drhe 5 AT’ evupsrgdg éove ovvap-
potéparg taly BZ, AT xal v BI' dga acvuuergig
doti ovvauporépous valy BZ, AI. dove xal Aownf) 3
Z 4 aebpucreds Sovv ) BI' pijxer. xel ) BI tiig A
uetbov dvvarew e amo vig ZA' n BI &ga tijg A
uetfov dvvarar Te dmo dovpuéroov fevri.

Advvdede Oy malw 7 BI vijg A peifov 16 and
aovppdrgov avrf, Té 0t rerdoro Tol amd tis A lsov
noge v BI' negafefiniedm éideinov elde revpaydvo,

1. wal — 2. fovefj] om. b, 1, peifoy V, sed corr. Zldr-
rovog F. 2. wppézqw F, et B, corr. m. 2. 8. élarrovos F.
6. mawvb 1P, nuu] om. P, pnun F. 7. dctly ) F. uéous]
mg. rov] o F. élauwoc F. 8. o)z F. 9.
BL'4db; Bd, AT V (4 in ras.), F, P m, rec. 11, ovu-
pézoov B corr. m. rec.  12. =] m. rec. B; 76 P, corr. m. 2.
meotigw F. 14 4Z V. ov»] om. P.  8m el P, 15,
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incommensurabilis, et spatium quartae parti quadrati
minoris aequale maiori adplicatur figura quadrata de-
ficiens, eam in partes incommensurabiles diuidit.

Sint duae rectae inaequales 4, BI', qua-
rum maior sit BI, quartae autem parti qua-
z |4 drati minoris 4 aequale spatium rectae BI'
E adplicetur figara quadrata deficiens, et sit

BA> AT [u. lemma p. 46], et B4, 4T lon-
4 gitudine incommensurabiles sint. dico, BI™®
r excedere A® quadrato rectae sibi incommen-
surabilis. _ '
iisdem enim, quae in priore propositione, compa-
ratis similiter demonstrabimus, esse BI' = A4* 4 Z 4%,
demonstrandum, BI', 4Z longitudine incommensura-
biles esse. nam quoniam Bd, 4I" longitudine incom-
mensurabiles sunt, etiam BI, I longitudine incom-
mensurabiles sunt [prop. XVI]. uerum 4I' rectae
BZ+ AT commensurabilis est [prop. VI]. quare etiam
BI' rectae BZ -+ AI' incommensurabilis ‘est [prop.
XIII]. itaque BI etiam reliquae ZA longitudine in-
commensurabilis est [prop. XVI]; et BIt =42+ Z 42.
ergo BI' excedit 4° quadrato rectae sibi incommen-
surabilis. ‘

Iam rursus BI? excedat 4® quadrato rectae sibi
incommensurabilis, et spatium aequale Y, 4® rectae BI’
adplicetur figura quadrata deficiens, et sit B4 >< AT,

B _

I

Z4 B, 16, pixe] om. Vb, m. 2 B, d&ea) om. V. oty P,

comp. F. xefJm.2F. 17. 'd]inras F. &’ F. 7]

supra scr. m. 1 V.  aevppereos F.° 18, nal — 19. 4I'] m,

2 B. 20.2d4) “4’ZF. BI'] (privs) 'B V. 21. BI|

B in ras. m. 1 B. 22, ovpuéreov B, corr. m. 2; item lin. 24,
24. tov] té F. :
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xal é6tw 70 Vmd tov Bd, AI. dextéov, 6ti acvu-
uevgog éetw ) BA tvj A unxe.
Tav yog avrodv xoracxsvaddivay dpoing deltousy,
ors ) BI vijg A uelbov dvvarer v and tijig Zd. dAdé
51 BI' vijg A petfov Ovvarer ©d amd devgusrgov
savrf). acvpuergog doa oty ) BI ] ZA wmijxe aote
xal Aourfj ovveppotége tjj BZ, AT aavuusroog éorey
7 BI. dike evveupéregog 1) BZ, AT tfj AI" 6vu-
uergdg dove pipxeet xal v BIT dpa vf) AT aovpuerede
10 éoTe prjxer’ @6te xal dueddvre § BA v AT dovups-
1Q0g éoTL wajuee.
'Eov dgo der 0vo ebdelow, xal ta &Efjs.

Aiju pe.

'Emel 0daunrar, Otu af pixer 6vpperor mavrog xel

15 Ovvdpse [slol @vppergor], of 6% dvvduer 0¥ mdviwg
neel pixer, adde 09 Ovvevrar wijxer xal Gvuuergor
slvar xal dovupcToor, Qavegdv, oti, fov vy fxmec-
uévy $nri] ovupereds Tig 1 mijue, Adperer $mry xel
ovuuergog avtf od udvov wixer, dAAe xal dvvdue,
20 fmel ol uixer GUpucroor movrwg xel Svvdue. foav 0%
i) dxxepévy ¢nri) ovuuereds Tig 3 dvwvdue, &l v
xel pajxer, Adyerar xal oUtwg ¢nry) xal evpuergog avry)

1 4r'lm. 2 B. 2. % 4B édny F 4. 42 V. alr

5, 6‘0[&;51’901’ F, corr. m. 2. 6. sown)g P, corr. m. 1,
auvp,y,atqa corr. m, 1. 47V, 8. AI‘] m 2F
a«mlmstoosF sed corr. 9. éuwP saef{jom.P. wel — 10.
prixee] Jog.F.  10. Ante dore del. ) BI &g 7 AT m. 1 P.
12, waw B. Post sv@sias add. mzwo:,, T 3% verdero péou
100 dmo tijg éAdocovog loov mapd mv pelfove naqaﬂl'rrﬂq V.
18. 2ijppe] om. PBb. 14, imel 3¢ V. 15 elol ovpperoo]
om. P. = od] svpperon o5 P. 16, dldo — prjuze] mg. m. 1P.
87 6nlady BVb, 07 dnleds, del. 84, F.  xal pijnes BFVD,
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demonstrandum, B4 et 4I" longitudine incommensu-
rabiles esse.

iisdem enim comparatis similiter demonstrabimus,
esse BI'® = 42 4. Z 4%, BI® autem A excedit qua-
drato rectae sibi incommensurabilis. itaque BI', Z 4
longitudine incommensurabiles sunt. quare BI™ etiam
reliquae BZ - 4TI incommensurabilis est [prop. XVI].
uerum B Z - AT rectae 4I" longitudine commensura-
bilis est [prop. VI]. quare etiam BI rectae 4TI longi-
tudine incommensurabilis est [prop. XIII]. itaque etiam
dirimendo B et 4TI longitudine incommensurabiles
sunt [prop. XVI].

Ergo si duae rectae, et quae sequuntur.

Lemma.

Quoniam demonstratum est [prop. IX coroll], rectas -
longitudine commensurabiles semper etiam potentia
commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine, sed posse
longitudine tum commensurabiles esse tum incommen-
surabiles, adparet, si recta aliqua rationali propositae
longitudine commensurabilis sit, eam rationalem eique
commensurabilem uocari non modo longitudine, sed
etiam potentia, quoniam rectae longitudine commen-
surabiles semper etiam potentia commensurabiles sunt;
sin recta rationali propositae potentia commensura-
bilis sit, si etiam longitudine sit commensurabilis,
eam sic quoque rationalem eique longitudine et potentia
commensurabilem uocari; sin rursus recta rationali

19. aven F. 20, émel ou] af yog Theon (BFVDL), 22
nal] (alt) m. 2 B, atty F
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pnxee %ol Ovvaps & 0% v Euxaufvy madw ¢nry

oVupeTeds Tig ovon duvdus wixse avty 7 dovuperQog,

Aéyetan nal oVreg gnry dvvdust udvoy EVuWETQOs.
.

5 To vmd fnrov ufxelovppéroor xatd tive
Tév meosignuivey ToémwY e0dsidy meQLigo-
pEvov dedoyavior ¢nrov é6Tiv.

‘VPro pap nrdv wixee lovuuireey daoy TV

AB, BI gdoywviov megueyéodm 1o A" Aéyw, o1L
16 ¢nrév éome vo AL

‘Aveyeyodpdao yag and 15 AB teredynvov 10 A"

¢nrov doa éotl T0 AA. xal émel ovuueredg oviv 7

AB tfj BI" yinsee, ion ¢ doviv 1) AB ©fj B4, ovu-

pergog Goa éotiv ) BA v BIT wijxer. xal éotiv og

15 9 B4 mdg tijv BI', olrwg ©0 4.4 medg t6 AL 6vu-
pergoy &g fovl vo A4 vy AT {quov 0k vo 4 A4-
¢nrov doa éotl xoal vo AI.

To toa vmO nrdv unxss ovuusroaw, xal vo Ekig.

’

: .

20 'Eav ¢nrov mega ¢nryv magafindy, widvog

morel fnryv xal 6vupsroov vy, wao vV maQd-
ELTOL, WAKEL

2. obed ng FV. duwdpec] -2 e corr., seq. spat. 2 litt. F.
adzfj ] Hevri BFb, 4 V. 3. ofrwg] comp. e corr. F.  pévor]
comp. mg. V (euan.). Seq. alt. lemma, u. app. 4. &7 sic F,
sed infra »'; mg. tuipe B° Fb. 6. wijuee — 6. mpo-] in ras.
m. 2 B. 5. e99ady nere Theon (BF VD). 6. tpomov? V. ev-
&a6v] om. Theon (BFVb). 8. eddsiov tév] in rag. V. 12,
76 44 doo §nrov éouw F. 18. 4B] (alt.)B4B. B4] 4B in
ras. P, B4 in ras, B. ovppergog — 14, BI'] om. B; mg.
m. 2: fon lin. 18 — pifxs lin, 14, ut nos.  15. otrw V. 0]
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propositae commensurabilis potentia, eadem longitu-
dine ei incommensurabilis sit, sic quoque eam ratio-
nalem uocari potentia tantum commensurabilem.

XIX.

Rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus secundum aliquem
modorum, quos diximus [u. lemma], rationale est.

Rectis enim rationalibus longitudine commensura-
bilibus 4B, BI  rectangulum comprehendatur AT
dico, AT rationale esse.

—d nam in 4B construatur quadratum
("—“Jr‘ Ad. itaque A4 rationale est [def. 4].
et quoniam 4B, BI' longitudine com-
A|———————B mensurabiles sunt, et 4B~=B4J, BA
et BI longitudine commensurabiles sunt. et B4 : BI'=
AdA4: A [VI, 1]. itaque 44, A" commensurabilia
sunt [prop. XI]. uerum 4 A4 rationale est. itaque etiam
A rationale est [def. 4].

Ergo rectangulum comprehensum rectis rationalibus

longitudineque commensurabilibus, et quae sequuntur.

XX.
8i spatium rationale rectae rationali 'adplicatur,
latitudinem rationalem facit et ei longitudine] commen-
surabilem, cui adplicatum est.

&alt.) corr. ex 7y m. rec. P. _4I'] e corr. P.  16. {oziv P,
otl wal V. 0]t b. AAF. 17, dostw P, om. FV. 18,
wiixet cvppérooy] om. BVb. Ante xaf add. sv@eiv F. ol
ta étfjg] om. PV. 19. «') seq. ras. 1 litt, B, xe’ F. 21,
wowel] -¢i e corr. m, 1 F. ] corr. ex = m. rec. b,
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‘Pyrov pag ©0 AT mage gnriy xevd twve moAw
oV mgosionuévev teomav Ty AB megafiflicdw
rAdrog mowovy Ty BI Aéyw, Ote gnqre) éovv ) BI'
nal ovuuergog T BA uixs.

5 ’Aveysygapde pag dnd tis A Brevedyevov 16 A4
dnrov doa o1l 10 AA. nrov 0t xel v0 AT evu-
ueroov doe €atl 10 AA v AI.  xal dovwv g 7o
44 mpog ©0 AT, oUrwg 7 4B meds v BI'. evu-
uergog doa fatl xal v AB tf; BI'* loy 0% vy AB tj]

10 BA" ovppsctoog doa xal ) AB vjj BI. ¢qen 0¢ éorwy
n AB* ¢y Gea dorl xal n BI' xal ovpupergos
AB wine.

’Eav dga $ntov mape ¢nrw megafindd, xal va £Eijg.

’

%l
15 T vmd ¢nrev dvvapsl pévov svppuéremy ev-
DeLdy wegueydusvov dpfoywviov &loydy éoTew,
xal ) Svvauévy adro dloydg é6Tiv, neleledo
o0t uéan.
‘Trd pap ¢nrdv Svvduse udvov ovuuirpay eVOdsLdy
20 tdv AB, BI' Jpdoyaviov megiegéodw 10 Al Adyw,
8ve @tdoydv dore 10 AT, nel 7 Svvauévy adro &Aoydg
donv, xadelodw 0F upéen.
‘Avaysypdpda pap and tijg AB revodyavov 1o A4-
gnrov dpa dorl 1o Ad. nal émel devppcredg dorTiv

1. ¢neiw vy AB V. 2. slonuévoy Theon (BF VD), mj»

ABlom. V. 3. mooiw P. 4. 4B P. 5. AB] corr. ex
AT’'m. 2 F. 6. éavivP. AT TAF. 1 dothv P. AA4]
A4 V. 8. z7jv] om. BFb, 9. dottw P. 4 B] (alt.) post
ras. V, B4 F.  10. B4} 4 ¢ corr. m. 1 P, aga—zg]m
ras. m. 1 P, 12. B4 BVb. 13. é&v F. mogs: nriv]
om. F. mogufinds] om. P Seq. lemma, u. app. 14
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a

Rationale enim spatium AI rectae 4B rationali
rursus secundum aliquem modorum, quos diximus
[u.lemma p.56], adplicetur latitudinem faciens BI. dico,
BT rationalem esse et rectae B4 longitudine commen-
surabilem.

construatur enim in 4B quadratum A4 4. 44 igi-
tur rationale est [def. 4]. uerum etiam AI rationale

a est. itaque 4.4, AI" commensurabilia sunt.
et 44: A= A4B:BI' [V], 1]. itaque 4B,
Bl— 4 BI’ commensurabiles sunt [prop. XI]. ue-

| rum 4B— BA. itaque etiam 4B, BI" com-
mensurabiles sunt. sed 4B rationalis est.
itaque etiam BI rationalis est et rectae
AB longitudine commensurabilis [def. 3].

Ergo si spatium rationale rectae rationali adpli-
catur, et quae sequuntur.

r

XXIL

Rectangulum rectis rationalibus potentia tantum
commensurabilibus comprehensum irrationale est, et
recta ei aequalis quadrata irrationalis est, uocetur
autem media.

Rectis enim rationalibus et potentia tantum com-
mensurabilibus 4B, BI' rectangulum 4I" comprehen-
datur. dico, rectangulum A I'irrationale esse, et rectam ei
aequalem quadratam irrationalem; uocetur autem media.

nam in 4B quadratum construatur A44. itaque
A 4 rationale est [def, 4]. et quoniam 4B, BI longi-

#] & in ras. m. 1 B, #f’ F et sic deinceps.  15. Post ¢nrov
add. 8vo B. 16. dors PBYV, comp. Fb.  17. {6z BV, comp.
Fb, forar P.  22. dou PBV, comp. Fb. ’
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-
7 AB 7] BT pijxes: Suvduse pag udvov vmixswrar
ovuustoos loy 0 § AB tfj B4, asdpucrgog &oa
éotl xal vy AB tf BI pixee. xoai dovev @g § 4B
meos iy BI, otrwg 160 A4 meog 10 A aovups-
tpov dea [éorl] 10 AA © AL Jnrov 0k w0 44"
ddoyoy aga dorl 10 AT dore xal 7 dvvapévy To
AT [rovréerwy % loov avrd tevpoywvov Ovvaudvy ]
dhoyos éomiv, nedeloBo 0 uéom: Omep &0se dsifou.
Aqppe.

Eov a6t 8vo eddelar, E6Tiv dg 1) mewTy MOg TRV
devréoaw, olrwg 10 ATO THG WEWTNG TEOS TO VMO TWYV
dvo ebdeidv.

forwoay 8Yo e0Psiaw of ZE, EH. Adpa, §u foriv
&g 9 ZE mgds v EH, otrwg 10 and i ZE mpdg
6 Um0 tov ZE, EH.

avayeypopde pag and tig ZE tergdyevoy 16 AZ,
xol ovumeninowedm ©0 HA. énmel ovv ot dg ) ZE
noog Ty EH, otrwg 10 Z.d meds 10 AH, xel éote
70 utv ZA4 1o and viig ZE, 10 0% 4H 16 vmd 16w
AE, EH, tovtéors ©o vno vaov ZE, EH, &ty dpa
og 7 ZE moog tqv EH, otrwg 10 ano tijs ZE meig
76 vn0 tov ZE, EH. oOpolwg 0t xal eg 70 Omd tov

1. BI'] I'BV. yap] comp. F, supra scr. 84, 3. Zoziv B,
4B] (alt) B4 P. 4 AI'] corr.ex AB m. rec. P. 5. doulw
B,om P. 44 FV. A44F. 6. éoctvP. 7. 4] supra scr.
m 2 V. 8. doru PV, comp. Fb.  Ante Gmzp add. P:
S 1o (mg. m. 1) o loov évaygétyovo‘av teTedyovoy 1 AT
roolw, 7v walsi péomy, péony avaloyov slvee tdv AB, BT
eodem loco Theon: dia 10 16 ¢« avrig reredywvov lsov slvae
¢ vmo vGv AB, BI" xnal péany dvdloyov aviny ylyvesHoau (yi-
veodar BV) vy AB, BI' (BF VD). 9. Ajupa y V (cfr. app.).
10. doww B.  &g) 0t @g F. 11, neécf supra scr. m. 1 F,
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4———  tudineincommensurabiles sunt (supposuimus
' enim, eas potentia tantum commensurabiles
B 4 esse), et 4 B=Bd, etiam 4B, BI longi-

tudine incommensurabiles sunt. et 4B:BI"
=AA4: 4T [V], 1]. itaque 44, AT in-
commensurabilia sunt [prop. XI]. uerum 4 4
r rationale est; quare A4 I irrationale est
[def. 4). itaque etiam recta spatio 4I" aequalis gua-
drata!) irrationalis est [def 4]; uocetur autem media;
quod erat demonstrandum.

Lemma.

Datis duabus rectis est ut prima ad secundam,
ita quadratum primae ad rectangulum duarum illarum
rectarum.

Datae sint duae rectue ZE, EH. dico, esse

ZE:EH=ZE*:ZE> EH.
z E H describatur enim in ZE quadratum
AdZ, et expleatur H4. iam quo-
niam est ZE: EH=ZA4:4H
4 [VI,1],et ZJ = ZE?, AH = AE
>< EH =ZE> EH, erit
ZE:EH=ZE®*:ZE>< EH.

1) Uerba rovtéstty — dvvapévn lin. 7, quae nihil ex-
plicant, subditicia habeo (pro dvvapévny Augustus coni. dwayed-
govoe). quae adiiciuntur lin. 8 (u. not. crit.) in P apertissime
scholiastae sunt (zalei); quare etiam additamentum simile codd.
Theoninorum ipsi Theoni, non Euclidi tribuendum est.

vmo] corr. ex dwo Fb. 14. meéc— ZE] mg. m.2B. EH]

HE F. 17 zd] corr. ex z7ig F. 18, mjjw] om. b. Zozw P.
19. to on6 — 20. rovréon:] supra scr. F.  20. rovrésuy P.
22. xal @ég] ins. m. 2 F.
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HE, EZ mgbg 76 and vijs EZ, rovréery wg 10 HA
7o ©0 Zd, ovrwg 7 HE moog mqv EZ" Omep &dec
detfar. )

%,

To amwd uéong maga ¢nryv magafailidpevor
mAidrog moiel §nrnv xal advupcroov 1, mag’
NV TaQERELTEL, UIKEL

"Eore uéon ptv 5 A, ¢yey 0 9 I'B, xel v dmo
vijg A loov mege v BI' megafsfincde ywoolov dedo-
yaviov ©0 B4 wharog morovv iy I'd* Aéym, 8t ¢nraj
dotwy 1) I'd xal dovpuergog ) I'B uiues.

'Ensl pag uéon éotlv 5 4, Ovvares ywelov megi-
ggoucvoy Tmd Gnredv Odvvdus udvov ovupdroav.
dvvacdw ©0 HZ. Odvvartew 8% xel 16 Bd: leov dea
dotl ©0 Bd g HZ. ¥ore 0t avng xal {Gopoviov:
tréy 0% loov e xal (ooymviev megulinlopgduuwv
avumenovdaow of mAevgal of mepl tag loag yovieg:
dvdloyov dga éotlv g 7 BI meos vy EH, ovrwg
7 EZ mpdg tv I'd. &ovw dge xal og v dnd vijg
BI mgos ©6 ano tijg EH, ovreg 16 dnd tijs EZ medg
10 ano tijg I'd. evuuergov ¢ éorv ©d amd vijg I'B
©6% and vig EH' ¢nvy pao éotv énarépe adrdy: evp-
pergoy &oe éotl xal 0 ano tijg EZ té ano vig I'd.
gnrov 0¢ dote v0 amd vijg EZ° gyrov doo dotl xol
0 ano wng I'd" ¢y doa éotlv §) I'd. nel émel
dovupereds éorww 3 EZ tvjj EH wijxers dvvduss yog
uovov slel evupergors wg 0 % EZ mgds myv EH,

2. Zd] corr. ex 4Z V, 4Z BFb. HE] inras. V. G&nep
#0ec deifon] comp. P, om. Theon (BFVD). 6. cvupetgoy P.
corr. m. 2. tj] corr. ex ¢ m.rec. b. 8. xal — 9. ywelov]
in ras. F. 9. edoydwiov] m. rec. V. 13. pdvov] in ras. F.
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similiter etiam HE>< EZ:EZ*<=HA4:ZA—=HE:EZ;
quod erat demonstrandum.

XXII.

Quadratum mediae rationali adplicatum latitudinem
facit rationalem et ei, cui adplicatum est, longitudine
incommensurabilem.

Sit media 4, rationalis autem I'B, et quadrato 4%
aequale rectae BI" adplicetur spatium rectangulum B4
latitudinem faciens I'4. dico, I'4 rationalem esse et
rectae I'B longitudine incommensurabilem.

nam quoniam media est 4, quadrata aequalis est
spatio rectis potentia tantum commensurabilibus com-
prehenso [prop. XXI]. sit quadrata aequalis HZ.
uerum quadrata etiam spatio B4 aequalis est. itaque
BAd=HZ. uerum idem ei aequiangulum est. parallelo-
grammorum autem aequalium et aequiangulorum latera
aequales angulos comprehendentia in contraria propor-

_ B A tione sunt [VI, 14]. itaque BI': EH
‘ H =EZ:I'd. quare etiam BI"™®: EH*
== EZ7%:T4® [VI, 20]. uwerum I'B?
et EH? commensurabilia sunt; nam
utraque rationalis est. quare etiam
Z EZ® et I'4* commensurabilia sunt
[prop. XI]. uerum EZ? rationale est; quare etiam I"4*
rationale est [def. 4]. itaque I'4 rationalis est. et
quoniam EZ, E H longitudine incommensurabiles sunt
(nam potentia tantum commensurabiles sunt), et est

4

r 4 E

14, 8vvaror] dvvecdar b. JBP. 15, dotiv P. 4B P.
fotv PB. abre FV., 16. 2] corr. ex 84 m. 1 P, om.

FV. 21 I'Blecorr. V, B’ F. 23. doviyv P. 24, dotww P.
éotiy P, 26. #ozlv] postea ins. F. 26, HE F.

Euclides, edd. Heiberg ot Menge, IIIL 5
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ottwg 10 dmo tijg EZ mgdg 10 Ymé tév ZE, EH,
davuuergov Gpe [fotl] vo dmd tig EZ té Um0 tadv
ZE, EH. dlia vg plv dmd vijg EZ ovuperodv dote
70 dmo viig I'd: nral pdo elov dvvdpe ©6 0 vmo
5 vdv ZE, EH evuusrgbéy éote 16 vmo tov A4I'y I'B-
loa pdg éom ve and tijg A° dovpucrgov oo éorl xel
70 ano vijg I'd vé vmo tdv AT, I'B. og 8% 7o ano
tiig I'd mpdg 10 vmd tev AT, I'B, ovrag éorlv 4
AT mgog v I'B* devduuctgos doe dotly 3 AT vy
10 I'B wijxe. éney) doa dotlv f) I'd xel devuustoos v
I'B uijxee: Gmep E0er Ocikar.

%y’
H ©fj uéoy ovupergog uéan éoxiv.
"Eorw udon 1 A, xel v} A 6Vpustoog éorw 3 B
156 Adyw, 8t xal © B uéon éeviv.
‘Exxslobo pog ¢nry f I'd, xel ©@ piv ano rijg
A ooy maga vy I'd megafefliodo jwelov dedo-
yoviov ©0 T'E mldrog mowotv iy EA* ¢qvy doa
éorlv § Ed xal dovpustgog tff I'd wixer. 165 6%
20 and tijg B loov maga v I'd magafsfliede ywolov
dodoyadviov o I'Z mAdrog mowovv iy AZ. émel
o0V obupstedg domiv 1) A v} B, adppergév ot xel
0 4md tiig A4 ©d amd tijg B. dAAd v pdv amd
tijc A loov devl vo EI', ©e 0t amd vijg B loov fovl
25 10 I['Z* ovupergov &ge éorl ©6 EI ©6 I'Z. xel

2. dorv doo FV. dor/] om. P. 8. z&] corr. ex 70 V.
o] om. V. 4, eloww P.” Svwvdper] eras. V, dein add. dg
doa dédantau. 5. ovppérgoy P, corr. m. 1. éor1] om.

BFb., 6. eloe BVb. odppevoov F, sed corr. doriv P. 1.
I'B meoieyopéveo V. 8. I'd] AT'F. 9. I'B]Tdb. lorly
om. b. 11. 8mee #3s¢ dsifar] om. BFDb, comp. P. 12, »y
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EZ:EH=EZ!.ZE><EH[u.lemma],EZ%etZEX<EH
incommensurabilia erunt [prop. XI]. uerum EZ2et ' 4*
commensurabilia sunt (nam potentia rationales sunt);
ot ZE>< EH, AI' >< I'B commensurabilia sunt (nam
quadrato 4* aequalia sunt). itaque etiam I'4® et
AI'>< I'B incommensurabilia sunt [prop. XIIT]. uerum
Iad?: AT >}XI'Be= AT :I'B [u. lemma). itaque AT,
I'B longitudine incommensurabiles sunt [prop. XIJ.
ergo I’ rationalis est et rectae I'B longitudine in-
commensurabilis; quod erat demonstrandum.

XXIIL

Recta mediae commensurabilis media est.

Sit media 4, et rectae 4 commensurabilis sit B.
dico, etiam B mediam esse.

ponatur enim rationalis I'4, et quadrato 4% ae-
quale rectae I'4 adplicetur spatium rectangulum I'E
latitudinem faciens E4. itaque EA

— -2y rationalis est et rectae I' 4 longitudine
__r incommensurabilis [prop. XXII). qua-

{ drato autem B? aequale rectae I'S

‘ adplicetur spatium rectangulum I'Z

— latitudinem faciens 4Z. iam quoniam

A et B commensurabiles sunt, etiam
A% et B? commensurabilia sunt. verum 42 = EI, B? =
I'Z. itaque EI', I'Z commensurabilia sunt. et EI':I'Z
=E4:4Z[V],1]. itaque E 4, 4 Z longitudine commen-

om. P. 14, fo1w] (alt.) om. BFb. 16. zé] =¢ F.  20. 4T
BVb, 21. I'Z]corr. ex EZF. Z4 P. ixl{P, corr. m.
rec. 22, ott] postea ims. F, domiv P.  28. 4] corr. ex 4BV,
4 éore F.  24. dot/] (alt) om. Vb,  25. I'Z] (prius) Z in
ras. m. 1 P.

b¥*
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dotv dg 10 EI meog ©0 I'Z, ovtwg 1) EA meog tiw
AZ* ebppcrgog doa dovlv ) EA v AZ wins. e
0¢ doviv ) EA nol devppstgog vij AT wixer gnoy
doa Zotl xal ) AZ xal aovppergog v AT pixer of
I'd, 4Z dgo dnral slor dvvauer udvov evuuergo:.
7 0% 70 Umd fnrdv dvvdus pdvov evuudrpwy dvve-
pévn péen éotlv. 1 doa 7O V%0 v I'd, 4Z dvve-
uévy uéen dovlv: xal dvvarew 16 Vmd vov I'A, 4Z
7 B péen doa Zovlv 7 B.

IlgpiLope.

'Ex 01 tovYtov guavegdv, Ott 1O TG pide ywpin
ovupctoov péoov fotlv [dvvevraw pog avte evdeio,
of &lor dvvdusl evppstgol, G 1) érdon pien Bere xal
7 Aowwn péen deviv].

‘Roavrag 0% volg énl tov nrdv slonudvorg xel
énl tédv péoav axolovdsl, vy ti uéey wixs ovu-
peroov Afysadar uéanv xal Gvppcrgov alry wiy udvov
pifxer, dAAe wol dvvdpse, neidijmeg xeddlov af uijxe
ovppergor wavreg xel dvvaps. éav O0F tvij péep ovu-
uergdg Tig 1 Ovvdusee, & ulv xel wixer, Adyovrar xal
ovtwg péoor xal GUpusteor wixer xel dvvdust, & Ok
dvvdpes pdvov, Aéyovvar pééar dvvdus pdvov evu-
peTgoL.

4. éotly PB. 5. eloww PB. 6. 7 8% ﬂ§| 70 8¢ BFVb.
Post ovppérgoy add. etdewdv megieyousvoy So@oydwiov &lo-
yov dove xal b, F mg. m. 1, V m, 2; deinde seq. edzo dloydy
do1t, nodeloBw 84 b, F mg. m. 1; 5 Svwapévn adro &loyds donrv,
nodeizoe 8% péon V m. 2, 7 Svvapévy BFb, et V (del
punctis). 7. péon] supra scr. F.  péon éorlv] punctis del. V.
7] m. 2 B.  dvvapévy] dvwduer 1 b. 8. éeti Vb, comp. F.
9. % B] (prius) HB Bb, 12. Zor{ BV, comp. F.  adzd]
-t in ras. V, adre F, ad16 of B, of add. m. 2 V. 13. eloww
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surabiles sunt [prop. XI]. uerum E. rationalis est et
rectae 41" longitudine incommensurabilis. itaque etiam
AZ rationalis est [def. 3] et rectae 4I' longitudine
incommensurabilis [prop. XIII]. itaque I'd, 4 Z ratio-
nales sunt potentia tantum commensurabiles. recta
auntem quadrata aequalis spatio rectis potentia tantum
commensurabilibus comprehenso media est [prop. XXI].
itaque recta quadrata spatio I'd >< 4 Z aequalis media
est. et BP=IAd><AdZ. ergo B wedia est.

Corollarium.

Hinc manifestum est, spatium spatio medio aequale
medium esse.”)
’ Lemma.

Congruenter iis, quae de rationalibus diximus [prop.
XVIII coroll.], etiam in mediis sequitur, rectam mediae
longitudine commensurabilem mediam uocari ei non
modo longitudine, sed etiam potentia commensurabilem,
quoniam omnino rectae longitudine commensurabiles
semper etiam potentia commensurabiles sunt. sin
recta mediae potentia commensurabilis est, si eadem
longitudine est commensurabilis, sic quoque mediae et
longitudine potentiaque commensurabiles uocantur, sin
potentia tantum, mediae potentia tantum commensu-
rabiles nocantur.

1) Sequentia lin. 12— 14 obscura sunt et sine dubio sub-
ditiua,

PB. 20, & pév — 21. 8t Svwduer] om. Fb; post ovumereor
lin. 22 ea hab. V (punctis del,, add. 1o 33 £kfig ody eéogr] é
T ipiio vop dpaclov el éxarifn?) et B mg. m. 2 (add. in
fine povoy). 22, udvoy] (prius) del. m. 2 B, evppeteor]
m. 2 B, Seq. lemma, u. app.
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%0,

To vm6 uécov pixs Svupéromv svdeiav
xatd Tive TOv lQYuEvOV TQOROV WEQLEYO-
pevoy bpdoyaviov pécov ée6tiv.

5 ‘Tmo yxo uésmy mijxs. OvpuiTEOY VIOV THY
AB, BT msgiézéedm dpdoydviov 16 AT Aéyw, St 7o
AT uéeov doriv.

"Avaysyodpde pip amé tvijg AB tvevpdyavov o
AA" uéeov dgo dotl tO AA, xal dmel Gvpuerodg

10 6ty % AB vj BI' piue, len 0t 9§ AB v} B4,
ovpustpog deo éovl xal 7 AB v BI pijxer dete xol
10 44 vd AI cvpucrooy éovw. péooy 0t ©o A"
uéeov doo xal v0 AT 8mep E8sr Betbou.

’

%8,
15 To Ym0 uéowv Svvaps, pdvov cvuuérpov

VPG mepLeyducvov dpBoydviov froL fnrov
7 uwéeov deviv.
‘Trd pap péowv dvvdus pévov evuuéromv &v-
dady tév AB, BI' dpdoydviov mepueyéodew vd AT
20 Aéyw, 8t ©d AT fror dqrdy 1) pdeov Zeriv.
"Avoysyodpdn yig amo vév AB, BI' vevgdyove
t@ Ad, BE" péoov doa dovlv éxdregov tov A4, BE.
xol éxxelodo ¢yra) 7 ZH, xal td ptv A4 leov maga
v ZH magafefiijodo JSodopdviov maparinidpeeu-
25 pov v0 HO midrog mowotw tny 2O, ve 8% AT leov
noge Ty @M mogafsflicde Sedopdviov magadln-
8. natd — Tedmwr] om. BFDb, supra scr. m, 2 V (xazd tive
TGy eras.). 6. wegiézeodar B, corr. m. 2, 9. A4] (prius)
inter 4 ot 4 ras. 1 litt. V. 11, dot/v PB. 4 B] e corr.

m. 2V, Bd4F. 12 ors V, comp. Fb. 44] e corr. m.
2 V. 16. e9%aaw] m. 2 V. 19, meguegéodw dodoydwioy P.

™



ELEMENTORUM LIBER X. 71
XXIV.

Rectangulum rectis mediis comprehensum secundum
aliquenmi modorum, quos diximus [u, lemma], commen-
surabilibus medium est.

Mediis enim 4 B, BI' longitudine commensurabili-
bus comprehendatur rectangulum AI'. dico, 4I" me-
dium esse.

nam in 4B quadratum describatur 4 4. itaque
AAd medium est. et quoniam 4B, BI' longitudine
r commensurabiles sunt, et 4B=B 4, etiam

4B, BT longitudine commensurabiles sunt.

quare etiam 4.4, A" commensurabilia sunt
4——1B [VI, 1; prop. XI]. uerum 4.4 medium est.

ergo etiam AI" medium est [prop. XXIII
4 coroll.]; quod erat]demonstrandum.

XXV.

Rectangulum rectis mediis potentia tantum commen-
surabilibus comprehensum aut rationale aut medium est.

Rectis enim mediis 4B, BI" potentia tantum com-
mensurabilibus comprehendatur rectangulum 4 I, dico,
AT aut rationale aut medium esse.

A z H nam in 4B, BI' quadrata
describantur 44, BE. itaque
utrumque 44, BE medium est.
et ponatur rationalis Z H, et qua-
drato 4 4 aequale rectae Z H ad-
plicetur parallelogrammum rect-

r

M
d B
N|

& E

A

msouégecPar B, corr. m. 2. 20. éorv 7 pécov V. 23.
ZEF, corr. m, 2. te] corr. ex z6 V.  25. wifv] corr. ex
wm 2. F
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Acygappoy 10 MK mhdrog moiotv Ty @K, xal i
6 BE loov Opoiwg mage tyv KN magefeflicde
©0 NA midvog motovy thy KA én’ ebdelug dpx
slolv of ZO, OK, KA. éncl oty udoov fetly éxd-
regov tdv A, BE, xal éorwv loov ©0 pdv Ad 16
H®6, t6 0t BE 1t NA, péoov dpa xnal éxdrsgov tedv
H®, NA. xal wage ¢yryy vy ZH mogdxeitar ¢nri
apo dotly énarépa tov ZO, KA xal covupstgog Th
ZH wixsi. xel émel ovupergov ore v6o A4 1g BE,
ovupstoov coe éotl xal 1o HO v NA. xoaf éovwy
o 10 HO mpds ©0 NA, obrmg 7 ZO mpds iy KA~
avuuergos Goa dotly ) ZO vij KA wixs.. of 26, K A
doa nral clor pixes Gvpuergor gqrdv deo forl T
vRd tav 20, KA. nal émel lon éovlv ) pv 4B tff
BA, v 6% EB zjj BI', é6nwv &ga g % AB mpdg v
BT, otvwg % AB mods tiv BE. ald’ og ptv § 4B
meds Ty BI, otrwg 10 A4 meog t6 A" ag 6% 7
AB mgog v BE, ovrwg 16 AT meds ©o I'E éovww
dgo og 10 d.A4 medg 10 AT, otrmg td AT medg T
'R lgov 0¢ éove ©0 pdv A4 v HO, vo 0t AT
16 MK, v0 0% I'E v NA' fovww dga dg t0 HO
wpog 10 MK, odrag 160 MK mgog ©d NA* éouww doe
xel og 1 ZO meog v OK, otrws % GK mdg Ty
K4 1o dga vmo tév ZO, KA loov dorl v¢ amd vijg
OK. {$nrov 0% ©0 vmd tov 2O, KA fyrov &pa dotl
xal 0 dnd viig OK' ey dpa dotiv 4 OK. =xal &
ptv ovppetog dove vij ZH pajxe, ¢nrév é6te 10 ON-

2, loov — KN) mg. m. 1 F, in textu #ilp maga oy
KN. 4 al)corr. extal F m. 1, supram. 2 P. 6. N4]
Necorx V. &ga doww V., 1. NA! MA bet F (Min ras.).

Ante ¢nei ras. 51itt. V. 8. fovtr] forlaad V. 9. wal dned)
énel ot» Theon (BF VD). 10.4gt&» P. w6]m.2F. OHF.



ELEMENTORUM LIBER X. 3

angulum H® latitudinem faciens Z®, rectangulo autem
AT aequale rectae @ M adplicetur parallelogrammum
rectangulum MK latitudinem faciens @K, et praeterea
quadrato B E aequale similiter rectae K N adplicetur N 4
latitudinem faciens K 4. itaque Z@®, @K, K 4 in eadem
recta sunt. iam quoniam utrumque 4 4, B E medium est,
et 44— HO, BE = N, etiam utrumque H®, N A
medium est. et rationali Z H adplicata sunt. itaque utra-
que Z@®, K 4 rationalis est et rectae ZH longitudine
incommensurabilis [prop. XXII]. et quoniam 44, BE
commensurabilia sunt, etiam H®, N.A commensura-
bilia sunt. et HO: NA=Z726:KA[V], 1]. itaque ZO,
K 4 longitudine commensurabiles sunt [prop. XI]. ita-
que Z@, K A rationales sunt longitudine commensura-
biles. itaque Z® >< K A rationale est [prop. XIX]. et
quoniam JB=B A, EB=BIT, erit AB:BI'—=AB:BE.
uverum JB:Bl=dA4: A [VI, 1], et AB:BE =
AI:TE [VI, 1]. quare 4A4: AT'==AI': 5. uerum
AAd=H@, A'= MK, I'§=NAd. ergo HO: MK=
MK:NA. quare etiam ZO:0K=0K:K 4 [V], 1].
itaque ZO>< K4 =0K? [V], 17]. uerum ZO>< K4
rationale est. quare etiam @K?* rationale est. itaque
@K rationalis est. et si rectae ZH longitudine com-
mensurabilis est, ®N rationale est [prop. XIX]; sin

xel] om. FV.  Post dozwv add. dea nal V. 11. O8H F.

7év P, sed corr. AN e corr.m, 2 V. mj] om. Bb. 13.
éotly P. 14. 4Bl e coxr. Vb.  15. FB] corr. ex ZB V.

4dB] B4 F. 16. BE] corr. ex BZ P. 17, wj»] corr. in
6 F, %6 b. 18. B B. foriv — 20. 'S} mg. m. 2 B.

19. 44] in ras. V, AT'] (alt) I'4 F, 20. '] in
ras. V. éoty P, 24. dotiy P. 25. Zoviv PB. 217.
dotT P.  Post 25 add. OM roveéen = V, B. m. 2 (del. m.
rec). ©ON]e corr. m. 2 V.
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&l 8 aevpuereds dote o) ZH wixe, of KO, ®M yrol
slor dvvapse uovov evpustgor’ ufGov e 16 ON. o
ON doa fjvor ¢nrov 1 udeov detlv. ldov 0t tdo BN
6 A" ©6 AT doa o dmrdv 7 uéoov foviv.

To doa mo uéewv dvvdus udvoy cvuuéromy, xel
T s, )

' xg.

Méaov géaov 0dy Vmeoéyer ¢nro.

El yop Oduvvardv, pésov t6 \AB pésov vov AT
negsyérw Onrd té AB, xel duxsloPo gyry 1) EZ,
xal v AB loov magx v EZ mapafefiijodo mag-
alinddpoaupov JSpdoydviov ©0 ZO midrog molotv
my EO®, to 6 AT loov apneiede 1o ZH: Aoumdv
Gge t0o BA Ao 16 KO éonwv loov. Jnrov 08¢ éamu
0 4B $qrov dguo dotl xal v0 KO. émel ovv péoov
dorly éxaregov tiv AB, AT, xal é6ve vo plv AB v6
Z® loov, ©0 0% AT v$ ZH, pdoov doo xul éxdregov
tév 2O, ZH. xal mage ¢qriy vy EZ mepdxrsiver’
¢y doa dotly éxavépn tov OFE, EH xal aevpusrgog
tfi EZ wine. wual émel fnrov dori ©0 4B xei domv
loov 19 KO, ¢qrov &pa Zorl xel o KO. xel mega
$nvy vy EZ magoxsivon® $nry Goo éovly 1) HO xal
ovppergog ] EZ wijxst. adde xel 9 EH ¢qrj éone

1, K@) corr. in ®K m.2 V. ON B, OM & P. 2,
eloey PB. © ON] in ras. V. 8. djzoc] om. Fb,  Zorww 9
péooy V. 4. 2ot/ BV, comp. Fb. 5. 76 dea] rav & F.

wovoy F.  xal to &fjg] ev@sidy meoueyduevoy dodoydvioy
7or §nrow 1) péooy dorly: ~ P. 6. Post éEijg add. Gmee #0ec
dcifoe V. 7. ay’ P, corr. m. rec. 10. dmepéyee F, sed corr.

11, z6] v pév B, o pév b. 14. 8K F. 15. 4B] in
ras. V. “dortr P.  OK b. 16, dori] domy B. 17, nal]
om, b, 18. moginewtor V. 1. dotl] doriv P.  22. Post
%ol ras. 1 litt. V.




ELEMENTORUM LIBER X. 5

rectae Z H longitudine incommensurabilis est, K&, @ M
rationales sunt potentia tantum commensurabiles;
quare ®N medium est [prop. XXI). @N igitur aut
rationale aut medium est. verum @N == 4I". AI igi-
tur aut rationale est aut medium.

Ergo rectangulum mediis potentia tantum commen-
surabilibus, et quae sequuntur.

XXVL

Spatium medium non excedit medium spatio ra-
tionali.

Si enim fieri potest, medium 4B excedat medium
AT rationali 4B, et ponatur rationalis EZ, et spatio
AB aequale rectae EZ adplicetur paral-

g’ lelogrammum rectangulum Z® latitudinem
| faciens E®, spatio autem .4I" aequale sub-
4 ‘I" trahatur ZH. itaque relinquitur B4 =
z EB K@®. uerum 4 B rationale est. itaque etiam

K@ rationale est. iam quoniam utrumque
AB, AT medium est, et 4B=Z6, AT
= Z H, etiam utrumque Z®, Z H medium
K| H est. et rectae rationali EZ adplicata sunt.

ergo utraque @FE, EH rationalis est et
® rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam 4 B rationale est et spatio K®
aequale, etiam K@ rationale est.!) et rectae rationali EZ
adplicatum est; itaque H® rationalis est et rectae EZ
longitudine commensurabilis [prop. XX]. uerum etiam

1) Uerba 7é 4B lin. 20 — Zorl xaf lin. 21 post lin. 14—15
superuacua sunt et fortasse interpolata. uerba §nrov 4
lin. 14 — 76 KO lin. 15 damnauit August.
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xal dovpuergog v EZ wixsr aevupergog dox fariv
7 EH v} HO® wixa. xal éovwv og 4 EH mpds Ty
H®, otrog ©o dnd vijs EH medg ©0 vmd tdv EH,
H®' aovpustgov dga Z6ti ©d amo wijg EH 16 vmd
vov EH, H®. dlla ¢ pdv and vijs EH ovpucroa
dote t dnd vdv EH, HO verpdyova: $nyre pog au-
gpotega’ T 0 vmd vév EH, HO ovupergdy dori 10
dlg vmd vov EH, H®* diwhdoiov pdo éotwv avrod
dovpuerge dge éorl va and vov EH, HO ©é dlg vmo
tov EH, HO' xal cvveupirspn &ge ve & and 16V
EH, HO xal o dlg vmd tév EH, HO, dnep Zavl o
and zijc EO, aevupstedv éori volg and tov EH, HO.
¢nra 0t o dwd rév EH, H®  &loyov dga td amd
tiis E@. &loyog dga Zotlv 7 E@. dAda xel dqrij
omep éoriv advvarov.

Méooy dgo péoov oy Umegéys nre: Omeo E0ce
deitae.

» %tl .

Médag evgeiv Svvausr pdvov ovpuérgovg
¢NToV megLeyovong.

"Enxslodwcay 0vo ¢nral dvvdus uévov ovpucrgor
of A, B, xal eﬁ.ﬁ(pﬂm tév A4, B uéey a’wi}.oyov 7 T,
xal peyovéto g § A meog v B, ovrag 7 I’ moog
i A.

Kol énel af A, B $nqral elor dvvdpst pdvov 6vu-
pergoL, 1o dpa Umd Tév A, B, vovréors 1o dmd g T,
uéoov doriv. uéen doa n F. xoal émel dovwv dg 1 A
neog tyw B, [oTrag] 4 I’ meds v J, o 8¢ 4, B

4. aodpergor b.  z6] e corr. b. 7. 7] corr. ex 76 B.
8. réy om. BF. 9. feziv P. 10. 7] (prius) om. B. ~ 11.
tév] m, 2 F, om. B.  dozé&y PB. 16 dnd] in ras. m. 1 P,

™



ELEMENTORUM LIBER X. 1

E H rationalis est et rectae EZ longitudine incommen-
surabilis, quare EH, H® longitudine incommensura-
biles sunt [prop. XIII]. et EH: HO=EH*: EH><H®
{prop. XXI lemma]. quare EH?, EH><H® incommen-
surabilia sunt [prop. XI]. uerum quadrato EH® com-
mensurabilia sunt EH?-} H®? (nam utrumque ratio-
nale est); et spatio EH >< HO commensurabile est
2 EH >< H® [prop. VI]; nam eo duplo maius est.
itaque EH®*+4 H®? ¢t 2 EH><H® incommensurabilia
sunt [prop. XIII]. itaque etiam EH®*-+ H&* -2 EH
><H®, hoc est E@ [1], 4], quadratis EH?+4 H@®* in-
commensurabile est [prop. XVI}. uerum EH?®+{ H®*
rationalia sunt. quare E@? irrationale est [def. 4].
itaque E® irrationalis est [id.]. uerum eadem ratio-
nalis est; quod fieri non potest.

Ergo spatium medium non excedit medium spatio
rationali; quod erat demonstrandum.

XXVIL

Medias inuenire potentia tantum commensurabiles
spatium rationale comprehendentes.

Ponantur duae rationales potentia tantum commen-
surabiles 4, B, et sumatur earum media proportionalis
I’ [VI, 13), et fiat 4:B=1I":4[VI], 12]. et quoniam
A, B rationales sunt potentia tantum commensurabiles,
A><B medium erit [prop. XXI], hoc est I'? [V, 17].
e ¢mé b. 13. §prd — HO] mg. m. 1 P. Seq, ras. 1 litt. V.

14, &loyoy b.  1B. ddvwvatov] -arov in ras. V.  16. pécoy
— 17. deifon] om. BFb; péoor doa péoov in ras. m. 2 V;
pédor dew picov ovy vmseszer m. 2 B, xel 7o fEfjc add. m.
rec.  16. Omeg £0sc Osifor] comp. P.  18. x5’ P, corr. m.

rec. 2b. sloww PB.  26. zovtéomy P. 27, 61lw] comp. Fb,
fer/ PBV. 28, otwg] om. P.
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dvvdus. pdévov [elol] ovupevpol, xal af I'y 4 doa dv-
vause pévov &lol ovpuergor. xal deve uéon m I
uéon dpa xal 7 4. af I, 4 dga uéoar slol dvvdue
uovov oevuuctgor. Afym, Ot xal fnrov megiégovei,
b énsl pdo doriv og 1 A mpds v B, otreg 1 I meog
m 4, éverieE dga éorly og 1) A modg Ty I, 1) B meds
vy 4. @Ak og 7 A ngds vy I, 4 I' mpog tiw B*
xel dg dge 7 I meds v B, oUrmg 1 B mpog tqv A°
ro &ga vmd vév I, 4 loov éotl v amd tiig B. (Sn-
10 Tov 0% 16 émd vijg B* dqrov aga [:561:1] xal T Vo
tov I, 4.
Ebonvrar &ge péoar Odvvaus pdvov ovuusrgor
¢nrov meouéyovoar omeo Edee dstEa.
%y
15  Méeag evoelv dvvausr pdévov cvpuérgovg
pécov mepieyovGag.
> Exxslodaooay [tpelg] dnral dvvdper wivov ovuue-
toov af A, B, T, xal sldjpdo vév 4, B uéen avadoyov
7 d, xal yeyovére g 7 B mpds iy I'y 1 4 mgog
20 tv E.
'Enel of A, B ¢yral elor Svvdpss pdvoy evupsroor,
70 &g ¥md 1ov A, B, vovréers to and vijg 4, uéeov
dotly. pdom dga N A. wal émel of B, I' dvvause
pévov slol evpuergor, xal dotiv ag 1 B mpdg v T,

1. &lo/] om. BFVb xal — 2. avp.psfoot] om. B 2.
dorw B. 8. slolv B. 4. xal éyw O F, Aéym 87 Vb. 10
d0t(] om. BFVb. wmg bis b, 12. nenrran %Vb 18.
dnrov — deitou] nal ta &Eijg P. Seq. lemma, v. app.  14. x{
P, corr. m. rec. 17. Ante toeis add. ydo b, m. 2 FV.  7eeis]
om, P, JTees svfeior F, ¢ovupeToL b, 19. T ottag V.

21, ot» ol F. &loww B, corr. m. 2.  22. zovréersr P, 28.
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itague I' media est [prop. XXI]. et quoniam est
A:B=I:4d, et A, B potentia tantum commensura-
biles sunt, etiam I, 4 potentia tantum commensura-
biles sunt [prop. XI]. et I' media est. itaque etiam
T 4 media est [prop. XXIII]. I, 4 igitur me-
diae sunt potentia tantum commensurabiles.
I dico, easdem spatium rationale comprehen-
T 74 dere. nam quoniam est 4:B=1I": 4, permu-
tando [V, 16] est 4:I'=B:4. verum 4:I'
4 B =1TI:B. quare efiam I':B==B:4 [V, 11].
itaque I'>< 4 = B? [V], 17]. B? autem rationale est.
- itaque etiam I'><J rationale est.
Ergo inuentae sunt mediae potentia tantum com-
mensurabiles spatium rationale comprehendentes; quod
erat demonstrandum.

XXVIIL

Medias inuenire potentia tantum commensurabiles
spatium medium comprehendentes [cfr. prop. XXV].

4 | Ponantur rationales potentia

B 4 ! tantum commensurabiles 4, B,
p—]

E——— I, et sumatur rectarum 4, B

L media proportionalis 4 [VI,

13], et fiat B:I'=4: E [V], 12].

quoniam A, B rationales sunt potentia tantum
commensurabiles, 4 >< B medium est [prop. XXI], hoc
est 4% [VI, 17). itaque 4 media est [prop. XXI]. et

XXVIIL. Cfr. Proclus p. 205, 10. .

fot/ BVD, comp. F. I, BB.  24. Post evppereor rep 2]
&ga lin, 22 — 4 lin. 28 B del. m. 2. 24, mvi‘ b. r
ovrag V.
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7 4 mpog myv E, nal of 4, E &go dvvdus uovov siel
ovpusroor. uéon 0t n A péon &po xel ) E* of 4, E
doa péear slol dvvduer pdvov avuuctgor. Aéyw 01,
ot nol péeov meguéyoverv. émel yap dorwv wg m B
wedg Ty I'y 1 4 meds v E, évallek dou wg 1 B
mwedg wyw A, 5 I’ mgds iy E. ag 0t 1) B mpds iy
4, 3 4 medg vy A° xal g doa 7 A meds Ty A,
7 I mpog viw E° 1o dga vmd vov A, I' icov doti 16
vmd tav d, E. upéeov 0% o Omd rév A, I" uéoov
coe xal td Umd ey A4, E.

Edgnvrer dga péeoar dvvius pdvov evpustoor wé-
dov meguéyovoar” Omse &0 detfar.

Ajppe.

Efgetv 8vo revgaysvovs dguuovs, dore xol toOv
cuyrelpevoy é avrdv slvar terpdymvo.

Exxslodocay dvo dgudpol of AB, BI', forwcav
0t #rou dgrior 17 megurrol. xel émel, ddv te dmd de-
rlov Horiog apuiged]], édv TE dmd WEQLOGOV MEQLEGTG,
0 Aoumdg &gridg dorww, O Aoumdg dge 0 AT &oridg
dotwy. Tetwiede & A dlye xeta vd 4. Eorweav
0t nal of AB, BI" fjzo. Spovor émimedor 1 Tergdymvor,
of xal avrol Guoiol slow émimedor’ O Goo éx vdv AB,
BT pere tov and [tov] I'd zevgaydvov ldog dotl T
dnd tod BA rvevgaywve. xal ot verodymvog 6 éx
t6v AB, BT, émeidnmeg 0elydn, ovi, ddv dvo Omoroe
émimedor moldemiaciddavteg aAindovg moidel Twe, O
yevopevog TeT@dyavis deTiv. ebgnYTar doa 0vV0 TETQM-

1. oduusroor dvvdus: udvov elol V. pévor] om. P.

slotv P, 8. elolv P. 5. oBtwg 5 AV. 6.3 I — v d
m 2B, 6 dg — 7. 4 (prius)] mg. m. 1 F. 8. ovrag 7



ELEMENTORUM LIBER X. 81

quoniam B, I"' potentia tantum commensurabiles sunt,
et est B:I'== 4: E, etiam 4, E potentia tantum com-
mensurabiles sunt [prop. XI]. uerum 4 media est;
itaque etiam E media est [prop. XXIII]. quare 4, E
mediae sunt potentia tantum commensurabiles,

iam dico, easdem spatium medium comprehendere.
nam quoniam est B:I'=4:E, permutando [V, 16]
erit B: 4 ==I": K. werum B:d = A: A. itaque etiam
Ad:4=TI1E. quare A>X I'e= 4> E [V], 16). sed
A><TI medium est. itaque etiam 4 >< E medium est.

Ergo inuentae sunt mediae potentia tantum com-
mensurabiles medium comprehendentes; quod erat de-
monstrandam.

Lemma L

Inuenire duos numeroe quadratos eiusmodi, ut etiam
numerus ex iis compositas quadratus sit.

ponantur duo numeri 4B, BI, et aut pares simt

aut impares. et quoniam, siue a numero pari par sub-

trahitur, siue ab impari impar, reliquus par est

[IX, 24, 26], reliquus AT par est. in duas partes

4 aequales secetur AI' in 4. sint autem 4B, BI'

etiam aut similes plani aut quadrati, qui et ipsi

T similes sunt plani. itaque 4B>< BI'-}- I'#* = BA#*

"B [II, 6). et 4B><BI" quadratus est, quoniam de-

rF. 11. ndenyran Vb, péoae] om. V. péooy — 12.
dzifar] nol ta EEﬁg P. 12, omee — deikor] om. BFb., 14,
doudpodg] m. 2 F.  16. Ante of add. Spotor émimedos mg. m.
2B 17. 9 V. émsl] suprascr. m. 1 F. 7] om. V.

18. 7sgurrot meqirrég V et b, sed corr. m. 1. 20. édors BV,
comp. Fb. TI'AP. 22 of] #b. éx] 9mé V, corr. ex
dné m. 1 b.  23. 7ot I'd] I'd B (corr. m, rec.) et b, 1%;
raP, 24. dBP. rergayovov P, corr. m 1, éomw B.

25. #0ely®n] om. b.  26. zotwvay B.  27. ndenyvrar FVb..

Euclides, edd. Heiberg et Menge. IIL. 6
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yovor ¢oiduol 8 vz é rév 4B, BI xel 0 émod zot
I'd, ot ovvre®évreg motovor vov amd tov B tetga-
yovoy.

Kol gavegdv, v ebonvrar mdiw dvo tevpayevor
0 t& dxd Tov B xal 6 and vov I'd, deve iy vmep-
oY avrév tov vmd AB, BI' siva- terpdyovov, oray
of AB, BI Suotor dow émimedos. Brav 8t py dew
Suotor émimsdoi, eVonurar dvo Tergdymvor G TE Amo
to0 Bd xel 6 dmd vov AT, @v § Umspoyy O Umo
16v AB, BI otz o1 tevpdymvog” Omsp &ds deittas.

Aqjppae.

Eigely 0v0 terpaydvovs dguBpods, dore tov €&
avTY Guyxslusvoy w1 Evel TETREY@YOV.

"Eota yag 6 éx tov AB, BT, og épausy, teroe-
yovog, xal dgriog 6 I'd, xal teruiodw 6 I'd diya
v d. @avegdy 01, Ot 6 éx vav AB, BI rergdymvog
pere Tov axd [vov] I'd verpaywvov leog éotl vd dmo
[ro¥] B4 terpaydve. dopefedw poveg 5 AE- o
dowo éx vdv AB, BI" pera vov ano [tov] T'E éAdeowv
éotl 0¥ dmd [vov] Bd vergaydvov. Aéyw ovv, O
0 éx tov AB, BT terpdyovog uete vod and [tov] CE
ovx Eotar Tevedymvog.

El yog E6von vergoymvog, fwor ldog 6Tl v amd
[rov] BE 4 éAdecav tov dnd [tov] BE, otuére 6%

2. mowscr V, sed corr. BA4] supra ser. m. 1 F.  ze-
rQaydvoy F, sed corr. 4. Mg. add. ® Bb, m.2 PFV. waley
nvenYTXL F. noenvrar Vb. -rsreaymva P, corr. m. 1.

5. 6] (alt.) om. P. 6. zév] vjv FV. omo Tov V. 4B]
B ins. m. 2 P. tergdyovoy slvar B. 8. neywron Vb, et
corr. ex svonwren m. 2 F. 9, o] om. P. g BFV. 4]
om, b, 10. AB) 4 P.  Ante 8msp add. 6 &eax P.  8meg

"\\
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monstrauimus, si duo numeri plani similes inter se multi-
plicantes numerum aliquem efficiant, numerum inde pro-
ductum quadratum esse [IX, 1]. ergo inuenti sunt duo
numeri quadrati 4B><BI" et I'4%, qui compositi qua-
dratum B efficiant. et manifestum est, rursus inuentos
esse duos numeros quadratos B4* et I'4* eius modi, ut
eorum differentia 4B><BI" quadrata sit, si 4B, BI"
plani sint similes, sin non sunt similes plani, duo
numeri quadrati inuenti sunt B4? et 4I', quorum
differentia 4 B><BI” quadrata non sit; quod erat de-
monstrandum.

Lemma II,

Inuenire duos numeros quadratos eius modi, ut
numerus ex iis compositus quadratus non sit.

-4 Sit enim 4B >< BI'" quadratus, uti diximus

]lH [lemma I], et I'4 par sit et in 4 in duas

O.L d partes aequales secetur. manifestum igitur, esse

AB>< BI' + I'd*= B 4* [u. lemma I]. subtra-

ha.tur unitas JE. itaque 4B >< BI'4- I'E?* <

T B4 dico igitar, numerum quadratum [IX, 1]
AB><BI addito I'E? quadratum non esse.

~B Nam si quadratus erit, aut aequalis est quadrato

BE? aut minor quadrato BE?, maior autem non est,

£3es 8eifen] om. BFVD, compP P. 1. m] xare to F. 4]
om. P. 17. zo?] (alt) 73 18. wv om. BFb, i P,
B m. 2. opolwg poves P. 19, éx] amd b, mw] 109 P,
BT wiredyavog V. oé] (alt) om. BFb, 7jjs P, Bm. 2. Elad-
6wy éorl 7ov] in ras. m. 1 b. 20. tov] om. BFb,
m, 2 B. 21 6] om. b. 709] ia\lt) om. BFb, vi¢ P 22
fou P.  28. forou] dore BFb. ° fevly B, sed corr. = 24. 7od]
om. Bb, zijg P. ~ flddewy] y®7 F, Bladooy v b; Edador B,
seq. ras. 1 litt., diddsove m. rec. rov—BE] om. V, tov]
om. BFb.  oéx fom b.

6*
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xal psliav, Tve py Tundy n povds. Eove, & dvve-
©év, mooregoy 6 éx tov AB, BI' pera tov and I'E
ioog tq.'i and BE, xal éore m'jc AE povidog dimda-
cloy 0 HA. éxsl ovv 0Aog 6 AT 8iov 7vov I'd
dors dumAwolov, v 6 AH vov AE éov. dimhadiov,
nel doswog &ox 0 HI Aoimot tov ETI éoni dixdaciov
8o dgo sévpnrac © HI 3@ E. 6 &oa éx zov HB,
BI' pera vot axo I'E loog éotl ¢ end BE revpa-
yavp., cile xal 6 éx wdv 4B, BI' pste tov &x:o
T'E i6og vmixerar ve dxd [vov] BE tevpeyovm: 6
doa éx vov HB, BI' pera tov ano I'E idog ol 16
éx vév AB, BI" peva ot and I'E. xal x0ivod dpar-
eedévrog tov ano 'E ovvaystar 6 AB icog t6 HB:
Omeg dromov. olx dox 6 éx tov AB, BI' peta tov
ano [rov] I'E loog fovi v¢ and BE. Aéym 01, Ome
000t éAdeowv Tov dnd BE & pag dvvardv, éotw
t¢3 and BZ loog, xal voi AZ dimlaolov 6 OA4. xai
cvvayicetar mwodw dumdasiov 6 @I vov I'Z: @more
xol vov 'O 3y veruiiodar xoave vo Z, xal die tovro
tov & 1@y @B, BI" usta tov dnd ZI loov plvecdar
te and BZ. vmoxertar 0% xal 6 & rov AB, BI peve
rob énd I'E loog ved ané BZ. dore xal 6 éx tov
@B, BI" st vov and I'Z leog fovar v¢ éx tdv AB,
BI" psve: 100 and I'E" 8msp &vomov. ovx &go & éx
vév AB, BI" pere tov ano I'E ldog dorl [zg] éAcco-

1. peifove (o b ¢ corr) B; yo. pelfovs ngeirrdy &ore supra
ser. m, 2 V, pi], wpijre Theon (BFVb), P m. 2. Post uo-
»og add. Theon wijte o éx tdv AB, BI" usmx Tot awnd (tod
add. V) I'd, 6g donv 6 (om. b, mg. B) dno (vo¥ add, PVb)
Bd (e cor.m. 2V, 4B PBb), loog 9 ©¢p én (vxé BY) zév
g)m PB) 4B, BI' psta tov amd (rod adg PV) I'E (BFVb

m. 2). el]correxqm2P 2rnc1‘EP 8. mj¢
BE P.  tij¢ AE poveedog] om, V.  dizddorog P. 4. H4
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ne unitas dinidatur.!) prius, si fieri potest, sit 4B><
BI'+4 I'E*= BE® ot git H4d =2 AE. iam quoniam
AlN=2T4d, AH=2AdE, erit etiam HI = 2 ETI.
itaque HI' in E in duas partes aequales diuisus est.
ergo HB><BI' -}- 'E® == BE? [II, 6]. supposuimus
autem, esse etiam 4B >< BI"' 4 I'E® == BE’. quare
HB><BI'+I'E*= AB><BI'4 I'E*. et subtracto,
quod commune est, I'E* concludimus, esse 4 B—=HB;
quod absurdum est. ergo 4B><BI'4 I'E? quadrato
B E? aequale non est. iam dico, ne minorem quidem
esse quadrato BE®, nam si fieri potest, sit 4B><BI’
+ I'E?=DBZ3% ¢t @A =2 4Z. et rursus concludemus,
esse @'=2I"Z; quare etiam I'® in Z in duas partes
aequales diuisus est, et ea de causa ®B><BI'4 ZI"
== BZ® [II, 6]. supposuimus autem, esse etiam

1) Nam 4B ><BI'4 I'E* < B4, sit latus x. ergo habe-
bimus BE! < x* < (BE + 1)*, h.e. BE< x < BE41, ita
ut x fractio sit, quod fleri non potest.

viis 4E povddog V. 5. lotly P. aw 0] 6 8 P.  dumldocwos
BFb. 6.xxl 0 BFb., I'HYV. d&urdaciog BFb. 7. Ante
©¢ ins. dwé m. 2 F. HB] B e corr. F. 8. zoi I'E V.

to6 BEV., 10. zo4]) om. BFb. 11, HB] H in ras, V,

BI'lBHb. 1o 'EV. 12 é] 976 V. 1(57& 105 P.

AB] A in ras. V. tob T'E V., 18. 205 'E V. &
n P. toog ] fon = P. 15. zo# I'E] I'E BFb, =i
TE P. 0t BE V. 6 vmwd vév HB, BI loog vi5 éx tov
AB, B mg. Fb., 37] om, b, 16. flascor F m. 1, V (sed
corr.); éldosove F m. 2, b, B in ras, zod BE V. 17, rod
BZ V. toog] om. Fb, m, 2 BV. xeloBo o V. et}
om. V. 19, td] zov F.  20. wév] wjp F. éx] on6b. 70w
Zrv. ylyvecdar F, yevioder Vh. 21, BZ) ZBBet V
(supra Z ras, est). 922. %00 I'EV, BEb. BZ] inras. V,
TE b, Bots — 28. 1] ovvay@ijcerar dpa isog o Theon
SBFVb). 24, peroe] in ras. 9. Post I'E add. Theon: 76
» zov OB %EB l? BT peta tod dnd I'Z (BFVb). 25. dovty P,

. /!

z¢3] om. areove V.
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covi 100 dno BE. #0ely®n 04, 8ui ovdt [atrd] vad
and BE. ovx doa 6 éx tov AB, BI' peta tov dmwo
T'E revodyovds oty [dvvarov 0% Bvrog xel xave
whslovag TEomovs Tovg slonuévovs doiduovs émidex-
5 Ve, doxslodwoay futy of elonuévor, Tve uiy pexgoré-
gag obong ths moayuareles énl wiéov avryy unxtvopev].
Omep 20a dsikau.
% i
Edgsiv dvo Jnrag dvvapsr uovov ovuué-
10 Tgovg, B0TE TRy pelfove tijg élaceovog pelfov
dvvacdar v and cvppéroov favrf pixet.
’Exxslodo pog rig dnry 9 AB xal dvo terpdpavor
agiduol of I'd, AE, dete tqv vmegoyny avtedv wov
T'E wy“slvew vevpdymvov, xal peyodpdw énl tijg AB
16 Nuixvxdov 10 AZB, xal memoujodw dg 6 AT mgog
2ov T'E, oltwg 70 dno tijg BA terpdyovor mds 16
ano tijg AZ vevpdyavov, xal énsfevyde % ZB,
’Ensl [ovv] éomv g 10 amd i BA medg 70 amd
tijs AZ, otrwg 6 AT meog vov I'E, 16 and vijs BA
20 Fge mog T amd vig AZ Adyov e, ov aoududg 6
AT mpdg didudv vov T'E: ovuustgov dga éotl 76
¢no vijg BA ¢ and tijig AZ. ¢ntov O 10 amd tig
AB* yrov Hoa xol v amd vig AZ: $qry dow xal
N AZ. xal émel 6 AT moog ©ov T'E Adyov ovx &ye,
25 Ov TeTodymvog aQududs mWEdg Terpdymvov d@LiudY,
1. zo% BE V. avt@] om. P. 2. 7ijs BE P; I'E b,
Dein add. Theon: odd% (om. b) pelfore avros (BFVDL). 3.
&6zs PBV, comp. Fb. dvvared] 7 in ras. plurium litt. B.
4. Todmovg] bis b. o slonuévoy Theon (BFVb). dei@uovg]
om. Theon (BFVY). Zmidsiuvvev] émi- supra scr. F, in ras,
B; émdamviven V. 5. dexelodo Huiv o slpq{uévoc Theon

(BFVb). 7. Gmee #8e dsifen] om, Theon (BFVD). 9, sv-
eloxew B. 11. 7] corr. ex zoo m. 2 B.  13. wév] =iy V.

™
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AB><BI'+TI'E*=BZ* quare etiam @ B><BI'4-I"Z*?
== 4B >< BI' 4+ I'E?; quod absurdum est. itaque
AB >< BI'4 I'E? spatio minori, quam est quadratum
BE?, aequale non est. demonstrauimus autem, ne ipsi
quidem BE? id aequale esse. ergo 4B>< BI'-}-I'E®
quadratus non est!); quod erat demonstrandum.

XXIX.

Duas rationales inuenire potentia tantum commen-
gurabiles eius modi, ut maior quadrata minorem excedat
quadrato rectae sibi longitudine commensurabilis.

ponantur enim recta rationalis 4B et duo numeri

4 quadrati I'd, 4 E eius modi, ut eorum
differentia I'E quadrata non sit
p [lemma I]. et in 4B semicirculus

, , , describatur 4ZB, et fiat 4I': T'E
r E 4 = BA*: AZ® [prop. VI coroll.], et
ducatur ZB.

quoniam est BA®: 42 =AT:TE, BA® ad AZ?
rationem habet, quam numerus 4I" ad numerum I'E,
itaque B4, AZ® commensurabilia sunt [prop. VI].
uerum A B? rationale est [def. 4]. itaque etiam .42%
rationale est [id.]. quare etiam 4Z rationalis est. et
quoniam A I':I'E rationem non habet, quam numerus

1) dvvarov lin. 8 — pnuvveopey lin, 6 Euclides non scripsit;
uncis ea inclusit August Il p. 359. nescio, an idem recte de
ambobus lemmatis totis dubitationem iniecerit. sed satis an-
tiquo tempore interpolata sunt.

15. o¢] supra ser. m. 1 V. 4] ras. F.  4I'] in ras. m.
1 P. 17 zetpdymwor] om. V. '18. o9v] om. P.” 19, 4I']
rav. 21 éetlv P.° 28 xel ) 7 P. 24 4I') T4 F.
otx] supra ser. m. 1 P, .25, 8v 6 V
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003} %0 dwo g BA dou mpog vo amd vijg AZ Adyow
Eyer, Ov teTpdymvog deLdudg meds Tevpdymvey agid-
udy* davuusvgog &pe éotlv 4 AB i) AZ pijxse af
BA, AZ dpe ¢yral slae Svvause udvoy avupergot.
xal Zmel [éovv] dg 6 AT medg wov I'E, otvmg vd
and tig BA mpdg 16 amd tiig AZ, avadreipeve. doe
g 6 I'd mpdg 10v AE, o¥tmg to amd tijs AB mpdg
70 ano vijg BZ. 0 0 I'd mpos tov AE Adyov &y,
0v tstpdymvog agidudg medg TeTodymVOV APdulY”
xal ®0 dm0 Tiig AB dpo xedg 1O exo wfg BZ Adyov
e, Sy veTpdyevog doiBuds wog TeTRdymYOY doLdudy *
ovupuergog dge Zovly 1) AB ¥fj BZ wixer. xel fote
80 amd vijg AB [leov volg amd vdv AZ, ZB' % AB
doa vijg AZ peltoyv ddverar vfj BZ cvppérop fever.

Efgnvraw dpa dvo ¢nral dvvduss pdvov evpustgor
afl BA, AZ, Govs wy peltove vy AB viig didesovog
vijc AZ ueifov Svvacda v@ and tijg BZ evuuérgov
favrf] wixee omep £dev detka.

A,

Edgsty '§vo fnrag Svvdpsr pdvoy cvppé-
Teovg, B6Ts vv uilfova rig éld6dovog ustiov
0vvacdar té dnd acvppéroov Exvrf pinse.

"Enxelodm $ned, 3 AB xnel dvo zetodyovor dpibuol
of TE, Ed, dots tov ovpxslpsvov & avrav tov I'd

26 w9 elvar TsTedyovo, xal peyoepbdo énl tig AB qui-

1. AB F. o] supra scr., m. 1 P, d4Z] Z e corr. V,
8. BAP. 4 AB, AZ BVb; 4Z, ABF. ‘elaw B. b,
dotv] om. P, zév] mut. in td m. 2 F.  10. xel 26 — 11,
dotBudy] mg. m. 1 F (partem abstulit reparatio pergam.). 12.

oodergos P.  dovv P. 14, favey pinee V., 15. nienwrsas
Fb. 17, pettova P.  ZB Bb. cvppivgo F. 18, émso

N
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quadratus ad numerum quadratum [lemma I}, ne B4
quidem ad 4Z* rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare 4B, 4Z longi-
tudine incommensurabiles sunt [prop. IX]. itaque
B4, AZ rationales sunt potentia tantum commensu-
rabiles. et quoniam AI':T'E = BA®: AZ%, conuer-
tendo erit [V, 19 coroll] I'd: JE == AB*: BZ? [cfr.
I, 31. I, 47]. sed I'd: 4E rationem habet, quam
numerus quadratus ad numerum quadratum. quare
etiam 4B*: BZ? rationem habet, quam numerns qua-
dratus ad numerum quadratam. itaque 4B, BZ longi-
tudine commensurabiles sunt [prop. IX]. et 4B == 4732
4 ZB? (11, 81. 1,47]. itaque A B® excedit £Z? qua-
drato rectae BZ sibi commensurabilis.

Ergo inuentae sunt duae rationales potentia tan-
tum commensurabiles B4, 4Z eius modi, ut maior
AB quadrata minorem AZ excedat quadrato rectae
BZ sibi longitudine commensurabilisi quod erat de-
monstrandum.

XXX.

Ingenire duas rationales potentia tantum commen-
. surabiles eius modi, ut maior qua-

drata minorem excedat quadrato
rectae sibi longitudine incommen-
4% g surabilis.

Ponatur rationalis 4B et duo
numeri quadrati I'E, EA4 eius
modi, ut numerus ex iis compositus I' 4 quadratus non

r = 4

£821 3sificu] :~ P, om. BF'b, B8eq. lemma, u. app.  28. desb-
pol] om. FV, 24 zév] (alt.) vaw b,
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¢

xvxdiov 10 AZB, el wemoujodw ag 0 AT mgog vov
T'E, ottag 10 amo tijg B.A mpdg ©o dmd tijg AZ,
%ol émefevydw 7 ZB.
‘Ouolwg 07 deltousy t med tovrov, 6t of BA, AZ
5 §nral eloe Ovvduse poévov evppetgor. xel émel éoTuv
g 0 AT medg tov T'E, otrwg 10 amd 1 BA medg
70 amd vijg AZ, avaergépavr dge ag 6 I'd meds
tov AE, otrwg vd dnd tijg AB medg vo and rijg BZ.
6 0t I'd mgog tov AE Abyov ovx &ys, v terpdycm-
10 vog agududg medg TeTpdymvoy agududv: ovd dpa To
and tijg AB meds td dwd thg BZ Adyov &ys, v
retpdymvog aerduds meds Tevpayavoy agududy’ dovu-
pergog dpa éotlv ) AB 1) BZ wixe. xel Svwaras
7 AB tiig AZ petfov ve damd g ZB acvpuirgov
15 éavry.
Al AB, AZ &go $nral elor Svvduer poévov 6vu-
petoou, xal 7 AB Tijg AZ pattov dvvaros té and g
ZB advm&a’rpov Savrf] prjxsec Omep Ede detgat

id.

20 Evesiv dvo péoag dvvdus. pdvov ocvuué-
toovg $nTdv megieyovcag, dore tyv pslfova
tijg éAdooovog peifov dvveedar TH amd Svu-
uérgov Eavry unxsL

"ExxeloB@woay 0vo ¢nral dvvdus udvov evupergor

25 af A, B, dore vy A pslfova ovoav rig Adceovos

ijg B ueifov dvvacdar 16 dmo ovuuérgov favrij pijxet.

1. Post %af del. émeledyfo m. 1 P. T'dP. év] om,
Fb. 2 B4Jecorrrm. 2V. BZb 8.BZP. 4 8¢,
corr. m. 1. o¢ é» v Theon (BFVh). BA] e corr. m. 2V,

5. eloiv B. 6. 7é»] om. BF. 7.Td4] ATb. 9. I'4)
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sit [lemma II], et in 4 B semicirculus 4 Z B describatur.
et fiat JT:T'E=BA*: AZ? [prop. VI coroll], et du-
catur Z B.

iam similiter ac in praecedenti [p. 86, 18 sq.] de-
monstrabimus, BA et AZ rationales esse potentia
tantum commensurabiles. et quoniam est 4I':T'E
= B.A4*: 4Z°, conuertendo [V, 19 coroll.] erit '4: JE
=B.4*: BZ? [I1], 31. 1,47]). verum I'4: AE rationem
non habet, quam numerus quadratus ad numerum
quadratum. quare ne 4 B? quidem ad BZ? rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque 4B, BZ longitudine incommensurabiles
sunt [prop. IX]. et AB*=42Z+ ZB*[IIl, 31. 1,47}

Ergo 4B, AZ rationales sunt potentia tantum
commensurabiles, et 4B quadrata excedit 4Z qua-
drato rectae ZB sibi longitudine incommensurabilis;
quod erat demonstrandum.

XXXI.

Inuenire duas medias potentia tantum commensu-
rabiles spatium rationale comprehendentes eius modi,
ut maior quadrata minorem excedat quadrato rectae
sibi longitudine commensurabilis.

Ponantur duae rectae rationales potentia tantum
commensurabiles 4, B eius modi, ut maior 4 qua-
drata excedat minorem B quadrato rectae sibi longitu-

in ras. V. ovx] postea ins. F.  13. 73j] corr. ex % V. dvw-
vaper b, -pes supra scr. F.  -14. pelfwov b. BZ Fb.  dovp-
pétep. BFb. 16. AZ] BZ, Theon (BEVD).  elow P. 11
6] o P. 18. BZ F. aavpmstqm F. onsq £0er dedfou]
comp. P, Gxsp . 22. cmo] -6 eras. V., dovpuéroov P,

26. aavppéteov P, et F (¢ del).  pixec] om. FV{)‘ m.2 B.



10

15

20

92 STOIXEIQN /.

xal 76 Und rov A4, B loov borw vd dmd vig I. ué-
6ov 0} o Vmd tov A, B* uéeov &oo xal TO amd tijg
I uéoy doa xal ) I. e 0} dmo tijc B loov iore
76 vmd tov I, 4° ¢$qrdv 8% 0 dmd g B ¢gnrov
doo xol o vmd oy I, 4. xal énel éotiv og m A
7weds Ty B, ofrwg T0 Uxd TdY A, B meds 0 axd tig
B, dide 6 plv Dmd vév A, B leov dotl td amd vig
I, 7p 6% éxd vijg B loov ©o vmd zov I, 4, dg &pe
% A mpdg v B, ofrawg td dwd tig I' meds 1o Umd
tov I, 4. og 0 ©d amd vijs I' medg 16 vxd réow
T, 4, otrag § I" medg vqv 4° xal wg dpa % A meds
v B, otrwg 4 I' meds Ty 4. ovpuevgog 0% 0 A
i} B duvvduer povov' evuperoos doa xel 7 I tff 4
dvvdpse pdvov. xal éove uéon 3 I péom &oa xal
N 4. xel éwsl oty &g 1 A medg v B, 1 I' xmpog
i 4, 7 0% A viig B petfov dvverar v dxd ovp-
uérgov favtjl, xel n I' Goa vig A pelfov dvvarar v
dxd cvuuéroov vty

Ebenvren ago Vo péoar Svvauss udvov evpusrgor
af T, 4 fnrov megiéygovear, xal 5 I' tijg 4 petfov
dvvdrar 1 and evpuérgov faveij pixec.

Ouolog 8y deyBijoetar xal ©d amo cevppéroov,
orav 7 A tiig B ustfov dvvnrar v dxd devupéreov
fovrd].

1. %6 ] corr. ex zoy m. 1 P, 2. ¥fig] corr. ex 7oy m.
2F. 3 0] ¥F. 4 d]com ex 4 m.rec. b, 49 (non F).
6. &oor 012 P.  Ante fmel ras, 3 lith. P. 7. omé] ¥- in
ras. V. 8. dorlzé b. 14. domw PB. 15. o¥twg ) I' FV.
18. 7ijs] =it F.  ©] corr. ex ©6 F.  dovupérgow P, supra
¢ ras, 1 litt. B, cvppésee @. 17. dvmjserar Theon vab).
18, a’w#érq];‘w P, supra ¢ ras. 1 litt. B, ovpuéreo F. 19,
nvenvtas Vb, F m. 2. &eo] supra scr. m. 2 B. 21, dov
pétgov P, supra o ras. 1 litt. B. 22. 8¢ FV. 134] ©é FV.

A
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dine commensurabilis [prop. XXIX]. etsit I"=_4><B.
uerum A4 ><B medium est [prop. XXI]. itaque etiam
I'? medium est; quare I' est media [id.].
_ sit autem I'>< 4 = B®. uerum B? rationale
est. itaque etiam I'>< 4 rationale est. et
quoniam est A:B=_4>< B:B? [cfr. prop.
4 B I' 4 XXIlemma], et I? = 4><B, B®=TI">< 4,
erit A:B=I?:I'><d. est autem I'?:I'>}<d=I":d4
[prop. XXI lemma]. quare etiam 4:B=1I":4. uerum
A, B potentia tantum commensurabiles sunt. itaque
etiam I', 4 potentia tantum commensurabiles sunt
[prop. XI]. et I' media est. itaque etiam 4 media
est [prop. XXTII]. et quoniam est 4:B=1I":, et
A% excedit B® quadrato rectae sibi commensurabilis,
etiam I'® excedit 4#* quadrato rectae sibi commensu-
rabilis {prop. XIV].

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles I', 4 spatium rationale comprehen-
dentes, et I'® excedit 4* quadrato rectae sibi commen-
surabilis.

Similiter demonstrabimus, I excedere 43 quadrato
rectae sibi incommensurabilis, si 4% excedat B? qua-
drato rectae sibi incommensurabilis [prop. XXX].

ovpuitoov P, et F, corr. m. 1.  23. 5 4] om. P.  &v-
viiontar B, Svwijcever L, ddvnrar § A P, ovppérgov P. 24,
8eq. lemma, u. app.



b

10

15

20

26

94 ZTOIXEIQN .’

ig.

Edesiy 0vo uéoag Svvdper pudvov cvpué-
toovg pédov megieyoveag, mote Tty pelfove
tijs éldocovog pelfov ddvacHar T ano ovu-
pérgov favey.

"Exxslodwcay toelg ¢nral dvvdusr pdvov cvuucroos
af 4, B, I, dore tqv .4 tijg I'" peifov Odvvachor 16
dmo ovppéroov favry, xal t¢ plv vmo vdv 4, B leov
éotw O dmd tijg 4. pdeov Eea 1O amd vijg A xal
7 4 &ga péon dotiv. g 0t vmd vév B, I' leov éorw
70 Um0 tov 4, E. xal émel dorv g O vwo tov A,
B modg 0 vmd vév B, I'y otrwg 1) A meog v I
alde e plv vwd tov A, B loov otl 1o amd vig A,
tg 0% Ym0 tév B, I' loov ©o vmo tov 4, E, fetiv
doa og 7 A medg iy I, otrwg 16 and g A medg
76 Yo tov A, E. dg 0% 10 dmo tijg 4 medg 1O VIO
16ov 4J, E, otteg 9§ 4 medg iy E* xal oog &ea 5 A
noog v I, ovtwg 7 4 medg v E. evupergog 8%
7 A vj I’ dvvdpse [pdvov]. edupergog doa xal § A
tij E dvvaper pdvov. péon 0% 5 4° péen doa xal
B E. xal émel deniv wg 1 A meog v I'y ) A medg
v E, 5 6% 4 vijg T peifov dvvara ve dmd cvuué-
rgov éovrf), xal n A dou tig E usitov dvvijestar t6
ano evpufrpov favry. Adyw 01, ore xal uéoov fotd
10 vnd tov A, E. énmsl yag loov éorl 1o Umd rawv
B, I' ¢ vmd vév 4, E, pécoy 6 ©6 vmd tév B, I

4. {ldrrovog FV. uelfove L, et B, sed corr. ovppé-
toov] ¢- add. m. rec. b, 6. aven L. 6. §nral of 4, B, " V.
7.0l A,B,T"J om. V, af 4, B Db. pecfove L, et B, sed
corr. 8. ovpufrgov] &- add. m. rec. b. @] v L. 10.
dott V, comp. Fb. 11, 76 ¥mo tév 4, E] m.' 1 b, supra scr.

"\
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XXXII.

Inuenire duas medias potentia tantum commensu-
rabiles medium comprehendentes eius modi, ut maior
quadrata minorem excedat quadrato rectae sibi com-
mensurabilis.

4 | Ponantur tres rectae
da4i————1 rationales potentia tantum
Blr——y .
B commensurabiles 4, B, I'
I

i eius modi, ut 4? excedat
I'? quadrato rectae sibi commensurabilis [prop. XXIX],
et sit 4% = 4 >< B. itaque /% medium est; quare etiam
4 media est [prop. XXI]. sit autem 4><E=B>1T.
et quoniam est 4><B: B> I'=A: I [prop. XXI
lemma]?), et 42 =A><B, 4>X E=B>T, erit 4:T"
=42 4> E. verum 42: 4>< E=A4:E [prop. XXI
lemma]. quare etiam A4:I'= A:E. sed 4, I' potentia
tantum commensurabiles sunt. quare etiam 4, E po-
tentia tantum commensurabiles sunt [prop. XI]. 4
autem media est. itaque etiam E media est [prop.
XXIII]. et quoniam est A:I'=A:E, et A* excedit
I'* quadrato rectae sibi commensurabilis, etiam *
excedit E? quadrato rectae sibi commensurabilis [prop.
XIV]. iam dico, 4><E etiam medium esse. nam

1) Nam 4:B = 4 >< B:B? (cfr. supra p. 92,5), B: I ==
B":B><T.

m. rec. © d¢xd vod E. 18. doviv L. 14, lgoy ot/ V. 10
vzo TGy A E] m. 1 b, supra scr. m. rec. 76 amd vov E. 186
0 %6 7éy 4, E] m. 1 b, supra scr. 76 anwo 0¥ E.  ag d¢]
dil dg V. 19 udvov] om. 22. v6] corr. ex o m, 2 P,

cvypstponi d¢- add. m. rec. b item Lin. 24. 24. éutv L.

25. dozly 0] 16 V, et b sed corr.  26. 1 9md Ty
d, E] m. 1 b, supra scr. m. rec. ©¢ dno oo E. “t6] $ P.
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[af yag B, I" ¢yral elov Svvaue pévov Gvuuevoor),
uéoov doa xal 76 vmo vév 4, E.
Edgnvras dpa 0vo péoar Svvduss povov cvuueroo:
ol 4, E péoov megiégovonr, dote tny uelfove tijg éide-
5 60ovog ustfov dvvasdal té amd evpuérgov iavri.
Ouolmg 01 mdly daydriecrar xal 6 dmd dovu-
péreov, Gvav 5 A4 vig I ueifov dvvntar 16 and aup-
pérpov favrj.

Ajppe.

10 “Eore tolywvov opdoydviov ©6 ABI dobnv Eyov
iy A, xal fgdw xddsvog 5§ AA* Aépw, Ot 1o piv
md tév I'BA loov éotl ©¢ and vijg BA, ©d 8% dmd
tov BI'A loov te and tijg I'A4, xel ©6 vnd vdv B,
AT leov ©j5 and tijc A4, xal &t 6 vmo vév BI,

16 A4 lgov [éotl] 16 V7 vdv BA, AT

Ko} modizov, Gti ©6 vmd vy I'BA igov [éorl] v
and g BA.

‘Enel yop v SoBopavip toiydve dnd tig Sedfjg
yovies éxl vy Bdow xddevos fures ) AA, v& ABA,

20 AAT &ga tolyove Suoid éove ©ed e 8ip t ABI
xal dAArdowg. xal émsl Guowdy fori 6 ABI rolym-
vov tep AB A roiycve, Eorww Goa dg i I'B mds v
BA, otrwg ) BA modg vqy BA* ©d dga Vmé rdv
I'BA 6oy éotl tg amd thjg AB.

1. ofyde — odppsrgor] om. LFVb, mg. m.2 B.  eloww P.

2. xel/] om. LB, 6 ox0 tév 4, E] m.1 b, supra scr. m. rec.
0 éndtovE. 8. nignvras LFVD, ~ 4. tiwpés V. 5. cvpsé-
7gov]d-add. m.ree.b. 6.76] 16 V. ovppéreov L, ek BF, sed
corr. 7. dvvara Pb. ovppéreov L, et BF, sed corr. 8. Post
s’ow-zg add. Smeg £8e1 deifos V. Seq. lemma, u. app. 9. Aijgpc]
om. L.  10. &yov P. 11, 4] 9x6 BAT Theon (LBFVb); ye.
» w0 BAT mg. P. 12. T'B4] supra add. BPV. {orév L.

.
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quoniam B> I'= 4> E, et B> I medium est
[prop. XXI], etiam 4>< E medium est.

- Ergo inuentae sunt duae mediae potentia tantum
commensurabiles medium comprehendentes A, E eius
modi, ut maior quadrata minorem excedat quadrato
rectae sibi commensurabilis.

Similiter rursus demonstrabimus, 4% excedere E*
quadrato rectae sibi incommensurabilis, si 4% excedat

I'? quadrato rectae sibi incommensurabilis [prop. XXX].

Lemma.

Sit 4B I triangulus rectangulus rectum habens
angulum 4, et ducatur perpendicularis 44. dico, esse
I'B<XBA=B A BI'XI'd=IA, BAX<AdI'=A 4},
BI'><Ad=BA><AT.

et primum, esse 'B>XBd4=BA4

A nam quoniam in triangulo reet-

F7TTTY angulo ab angulo recto ad basim

BAA;, r perpendicularis ducta est 4.4, trian-

" guli ABA, AAT et toti ABI" et

~ inter se similes sunt [VI, 8], et

quoniam ABI'eo ABA, erit T B: B4 =BA4d:BA
[VL, 4]). quare [VI,17) I'B><Bd=A4B2

S

13. BI'4] supra add. I’ PF; BI', I'd e corr. V.  [oov]
supra scr. m. 1 P. tijs] om. Bb. Al . BAT, supra
add. 4 m. rec., P. 14, BI'] e corr. V., 15. éov{] om.
LBFVb. Toy] om. P. 16. zév] om. P, I'B4] FVb,
Bm.2; I'B LB; '4B P; I'B, B4 FV m. 2, Pm.rec.” foz(]
om. LBFVb. 19. te] corr. ex tip m. 2 B.  4BA4] 4 in
ms. m. 1 P. 20, 44T? L. doety LPB. 22 4BA4) B
inras. V. 928 B4] ABg. BA] mut. in 4B V. 24
I'B, B4 ¢, m.rec. P, m. 2 V.

Euclides, edd. Heiberg et Menge. IIL 7
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dwx 1o evra 0 xal o Uwo tov BI'd ieov fotl
*6 and vig AT

Kal énel, éav v SpPoyovip toiyave ano wijs do-
d1js yoviag énl viv Pdew xaderog aydi, 1 aydeioce

5 Tév g Paceiwg TunudTwy uéen avaioydv oniv, Ty
dga ag 7 BA medg tqv A A4, ovreg ) A4 medg T
AT o dga vmo tdv Bd, AT lsov éorl vg amd
tijg AA.

Aéym, 6re xal v0 vwo vév BI, Ad loov éorl v

10 Ond 1ov BA, AL". énel pag, og épapev, Guordv ot

10 ABI ©3 ABAd, &ovwv dga @g % BI mgog taw
I'd, otrwg % BA mgog vy Ad [éev 0} résonpeg
svdelas dvdloyov aow, td vV TV Exgov ldov éorl
6 Vo vdy péoov). to &pe vnd tév BI, Ad igov

15 dotl 1@ Umd tov Bd, A" Omeg #deu dstbou.

iy,

Edgetv 0vo evdelag dvvdper dovpuérgovg
moLovoag 1O udv ovyxelusvoy éx TV A avTOY
Tergaydvav §nrév, vd & v avrdv pédow.

20 ExxeloBocav dvo nral dvvdus uévoy ovppergor
ol AB, BT, ©ote v pelfova vy AB vig éldacovog
vijg BI" peibov Odvesdar t¢ dmd dovpuérpov fevry,
xal veruqede % BIT dlye xeve 70 4, xal 16 dg’
omorégag t1év Bd, AT loov maga vy AB magefe-

25 flfjode magaiinAdygappov éAdsimov £lder Tevgaydve,
xal Zo6tw 10 Umo vdv AEB, xal yepodopde éxl tijg

1. BI', I'd mw. rec. P, m. 2 V. éot{] om. Fb. 3.
Touyore] supra scr. comp. m. 2 B. 6. Ad] 44 B. 10.
dot.] postea ins. F. 11. ABT tvolyovoy F.  ABdA] ATA
BFD, et supra gser. Bm. 1 V. 12. I'd] 4 in ras. V. 44d]

N
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eadem de causa etiam BI'>}<XI'd = AT,

et quoniam, si in triangulo rectangulo ab angulo
recto ad basim perpendieularis ducitur, recta ducta
media est proportionalis partium basis [VI, 8 coroll.],
erit BA: Ad=A4d:4I. quare [VI, 17) B4>< AT’
= A4 42

dico, esse etiam BI'>}<X 44 = BA>< AI. nam
. quoniam, ut diximus, trianguli 4BI', 4B 4 similes
sunt, erit [VI, 4] BI': T'd = BA: Ad. itaque?)
BI'>< A4=BA> AT [VI, 16]; quod erat demon-
strandum. :

XXXIII.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum rationalem efficiant,
rectangulum autem medinm.

Ponantur duae rationales potentia tantum commen-
surabiles 4B, BI" eius modi, ut maior 4B quadrata
minorem BI" excedat quadrato rectae sibi incommensu-
rabilis [prop. XXX], et BI" in 4 in duas partes ae-
quales secetur, et quadrato B4® uel 4I® aequale
parallelogrammum rectae 4B adplicetur figura qua-
drata deficiens [VI, 28] et sit AE><EB, et in 4B

1) Uerba quae praecedunt damnaui, quia non magis est,
cur haec propositio omnibus uerbis citetur, quam VI, 17, qua
bis in hoc lemmate tacite usus est.

d4 @. 13. o V.  16] corr. ex 6 V. 15, zé] corr.
extom. 1F, 76 g. tov] om. Bb. Seq. demonstr. alt., u.
app. omce £der deifou] comp. Pb, om. BFV. Seq. lemmata,
u. app. 19. 8¢ F.  21. 4larrovog b, comp. F. 22, psifora
P, corr. m. rec.  28. td) corr. ex o m, 1 V.  25. moged-
inldyeapoy P. 26. AE, EB V, P m. rec.

7.
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AB nuxvxiiov v6 AZB, xal fjy®w vij AB meds dedag

1 EZ, nal éncfevyPoocav of AZ, ZB.
Kal énsl [0vVo] esv®cten &viool slow of AB, BT,
xal ) AB vijg BI petfov 8vwarer v¢p dnd dovuuéroov
5 foevrf}, vd O} vevapreo Tov éxd vijg BIT, tovtéor: T
ano vijg nuoelag avtig, lGov mage vy AB mapufi-
Pinrar mogaiinidygappov éAdsimov &lde tevpayove
xol mowsl 10 vmd vov AEB, aovupstoog doa éovly 4
AE tjj EB. xal éovev &g 7 AE mpog EB, ovrwg
10 ©0 vwd tédv BA, AE x9dg 16 Umd tév AB, BE, loov
0t vo udv vmo vy BA, AE vp dno tijg AZ, vo 0}
vnd tdv AB, BE ©¢ and vijs BZ' acvuusvgov dge
ol vo and vijs AZ v and vijg ZB" of AZ, ZB e
dvvdper eloly aovpustgor. xal énel  AB gyre) éoriv,
16 Onrov dga éotl xal TO dxd Tijg AB' Gove xal T
ovyxsluevoy éx 1édv and tov AZ, ZB nrév dorw.
xel émel madew v Umd vdv AE, EB loov éotl o
and vijg EZ, vméunstvar 0% ©6 Umo vov AE, EB xal
©6 and vig B4 loov, lon dga éotlv v ZE vfj Bd-
20 0uwAs] doa v BI' vfig ZE' @ore xal ©0 vmo vév AB,
BI' ovpustodv éovi t6 vmo vov AB, EZ. uéoov 0t
10 Umd 1oy AB, BI™ upéoov éga xal v6 vmo tov AB,
EZ. ioov 0% ©0 vnd tév AB, EZ vj vmd v AZ,
ZB' péoov dga xal T6 vmd tov AZ, ZB. &elydn
95 0 xal ¢nrov 10 Svyxelusvov x TodY an’ evTHV TE-

ToayoveY.

TB]AEB b. 4BZP. 8. d‘vo] om. P, post s6dsian
ins. m, 2. «f] m. rec. P, 4. ovppérgov FV, corr. m. 2.
5. 70 (vd V) 8¢ 161(!()101' BFVb corr.m, 2 BV (tawptm m,
rec. b). =is] vijs éldccovos tijg Theon (BF VD). tovréo-
v P. t] 6 Fb, corr. ex t¢ m. 2 B. 6. lgov] om. Fb,

m. 2 B. 1. naqallnloygapyov] om. Fb, m. 2 B. 8. AE
EBV, m.rec. P. 9. ngog 7y EB V. 10. tav] (alt) om.

‘“
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describatur  semicirculus

AZB, et ducatur ad 4B
,p Perpendicularis EZ, et du-

cantur 4Z, ZB.

et quoniam 4B, BI' inaequales sunt rectae, et
AB? excedit BI” quadrato rectae sibi incommensu-
rabilis, et quartae parti quadrati BI', hoc est (4 BI')?,
aequale parallelogrammum rectae 4B adplicatum est
figura quadrata deficiens et efficit 4 E>XEB, AE et
E B incommensurabiles erunt [prop. XVIII]. est autem
AE:EB=BA> AE: AB><BE [u. p. 95 not]; et
BA>< AE = AZ®, AB >< BE = BZ? [u. lemma].
itaque A4Z% ZB? incommensurabilia sunt [prop. XI].
quare 4Z, ZB potentia incommensurabiles sunt. et
quoniam A B rationalis est, etiam 4B® rationale est.
itaque summa quadratorum A4Z?-} ZB? rationale est
[1,47]. et quoniam rursus 4 EXX EB==EZ?[u.lemma),
et supposuimus, esse etiam AE >< EB = B4, erit
ZE=B4. itaque BI'==2 ZE. quare etiam 4B><BI"
et 4B>< EZ commensurabilia sunt [prop. VI]. uerum
AB >< BI' medium est [prop. XXI]. itaque etiam
AB >< EZ medium est [prop. XXIII coroll.]. uerum
AB <X EZ = AZ>< ZB [u. lemma]. itaque etiam
AZ><ZB medium est. demonstrauimus autem, etiam
summam quadratorum earum rationalem esse.

V4

4 Vol

12, ZB P.  18. doclv P.  ZB] (prius) BZ FVb, 14,

Zom BY, comp. Fb.  1B. Jnrov &ea élc)nt] mg. m. 1 F. 16,

éov: BY, comp. Fb. 19. BJ] (alt.) in ras. m. 1 P. 20, 7ijc]

corr. ex o m. 1 V. 21, odupergov] Sixldaioy Theon (BFVD);

mg. m. 1: duwx 10 iy BI' dunlaclove slvor tijg Bd, iy Ot

B4 lony elvae ofj EZ pro scholio P. 5] zov Theon (BFYV).
22. ABIT BFDb, et V, corr. m, 2. 28, &¢] om. b.
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Evonvrar &g Vo &0Pslow Ovvdust dovppsrgor
of AZ, ZB mowovear 10 piv ovyxsipevov éx tov an’
attdy Tergupdvoy $nrév, 0 O0F vn’ adrdv uéeov:
Omep &0z Ocibas.

5 A0’

Edoetv 8vo svdelag dvvduer advpuérgovs
ToLoVOwg TO uiv Guyxnclucvov éx TV ax av-
TAY T8100pBVYRY uédov, 1o 0’ VX’ avrdv gyriv.

"Exxel6Bmcoy 0vo péoar dvvdps pdvov ovpusrgor

10 af AB, BT ¢nrov megiéyovoar ©6 vm’ avrdv, @ors
v AB vijg BI' peifov 0vvacPar v¢ amd aovpué-
toov favrf), xal peyodgpde énl tijs AB o AAB
Nuexvxdiov, xol verprode 7 BI' 0lya xeve vo E, xal
nepofefiiodo mage v AB td dmd tiig BE leov

15 megoAdyddygapuov éAdeimov &lde veroaydve TO VmO
tov AZB' dovpuctgos doo [dotiv] v AZ v ZB
pijxer. xel fg@w emo tov Z 5] AB medg dpdas 4
Z 4, xal énetebydwoay of A4, 4B.

’Enel aovpueredg dovww v AZ vij ZB, acvpuergov

20 Goa éotl xal v0 Umd vy BA, AZ v6 vmo tov AB,
BZ. loov 6% v0 puiv vml vdv BA, AZ vd amo vijg
Ad, v 0% vmd thv AB, BZ ¢ dnmd vijg AB* dovp-
pergov dga fotl xal To and vig A ve and vig AB.
xod énel péeov éotl ©o dmd vijg AB, uéeov dpa xel

26 T0 ouyxelusvov éx oV and tév Ad, AB. xal énsl

1. Fwﬁpnwaz FV. 8. §nrdv b, corr. m. 1. 8’ BYbh.

an’ F. 4. dsika] evoeiv b, mg. m. 1: yp. 8sifar; in F
mg. m. 2: yo. evgeiv. 7. to] corr.exzéy P. 8. 8¢ F.  11.
ovppérgov F, corr. m. 1.  15. #leimoy elder reroaydve] om.
Fb, m. 2B. 0] mototw td V. 18. tov AZB] non liquet F.
AZ, ZB V. acvppsteos @, et B, corr. m. 2. ~ deriv] om. P,
fovwe 9. ZB} BZP. 18.Zd] dZ ecomr. m. 2 V. AB]

™
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Ergo inuentae sunt duae rectae potentia incom-
mensurabiles 4Z, ZB, quae summam quadratorum
suorum rationalem efficiant, rectangulum autem me- .
dium; quod erat demonstrandum.

XXXIV.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum mediam efficiant,
rectangulum autem rationale.

Ponantur duae mediae potentia tantum commen-
surabiles spatium rationale comprehendentes 4B, BI"

eius modi, ut 4B? exce-
dat BI'® quadrato rectae
. sibi incommensurabilis
4 z 5 £ 71 [prop. XXXT], et in 4B
describatur 4 4B semicirculus, et BI" in E in duas
partes aequales secetur, et rectae 4B quadrato B E? ae-
quale parallelogrammum adplicetur 4Z><ZB figura
quadrata deficiens [VI, 28], itaque 4Z, ZB longitu-
dine incommensurabiles sunt [prop. XVIII]. et a Z ad
rectam 4B perpendicularis ducatur Z4, et ducantur
Ad, 4B. ,
quoniam AZ, ZB incommensurabiles sunt, etiam
B A>< AZ et 4B >< BZ incommensurabilia sunt [prop.
XI]. verum BA X AZ = A4, AB>< BZ = 4B}
[prop. XXXII lemma]. ergo 4 4% 4B incommensu-
rabilia sunt.
et quoniam A4 B® medium est, etiam 44°-4 4B?
medium est [III, 31. 1, 47].

corr., 6x AI' V.  19. xal émel V, émel odv m. rec. P.  28.
borly P.V tiic] (alt.) om. P. I'B'b, corr, m. 1.  26. 4B]
in ras. V.
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dumAy) dovwv % BI viig AZ, Sumldeov &oa xal 10
vwd sov AB, BI vov vmd tov AB, ZA4. ¢nrov Ok
td md tdv AB, BI" gyrow dga xal o Umd Tév AB,
Zd. v 6 vwd tédv AB, Zd leov ©6 ¥md vav A4,
4B dore xal 16 vmd tov Ad, AB fnrdv éoriv.

Evgnvrar doa 0vo ebdeiar dvvdust aovpuergor of
A4, 4B nowovear o [utv] evyxelpevov & tdv dn’
alTdY reTgaydvey pioov, 1o O U avtov GnTév-
Omsg #0z dstbou.

YES
Evgetv dvo ed@elag dvvdust dovpuérgovg

4 ’ I -~ 3 b 3 ~
_MOLOVOAS TO TE CUYRELUEVOV % TV ax aVTdv

15

20

ur@aya'fvaw ye’6ov xal 70 O’ adrov ya’dov xal
27 anpy,ezgov TG Svyxeipive éx TéY an’ av-
TOY TETQRYBVO.

"ExxelaBacay 0vo uéoon dvvduer uovov evpusrgor
of AB, BI" uéoov megiéyovoal, Gore v AB tijg BI’
petfor 0vvacdar v amd dovpuérgov favrii, xal pe-
yodpdo énl vijs AB quixvriiov v0 AAB, xel ti
Aouma yeyovérm tols émdve Ouolwg.

Kol énel aovupsrods éotwv §) AZ vfj ZB pijxe,
dovpuereds ot xal 7 AA vfj 4B Svvdpe. xal énel
uéoov éorl 16 amd vijg AB, uéoov Eoa xal 7O Guyxei-
usvov éx tav and vav Ad, AB. xal émel 16 Omo

1. dumdi)] Sixdaclwy Theon (BFVD). 2 zov] e _corr. F.
Post Z 4 add. @oTe xal cvp,[’utpov V, Bm. 2 . Post BI"
add. Theon: dmoxerrar ydo (ovtos add. V) (BFVb) 4. Z24]
corr. in BZ m. 2 F, corr. ex BZ m. rec. b. ‘to]thF 0
St b  15) 6 BFb. wév] om. Pb. 6. gdenvzan Vb.
ovpueroor P, corr. m. 1. 7. uév] om. P. 8. zergdymwoy
FetV, sed coom, 06 F. 9. Gneo &0 deifor] comp. P,
om. BFVb. 10, ¢’ F, corr. m. 1.  13. zeredyavor b, et F

™
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et quoniam BI'==2 AZ, erit etiam 4B><BI'==
2A4B>< Zd. uerum 4B >< BI rationale est. itaque
etiam A4 B >< Z A rationale est [prop. VI; def.4}. uerum
AB><X Z 4= A4>< 4B [prop. XXXII lemma]. quare
etiam 4.4 >< 4B rationale est.

Ergo inuentae sunt duae rectae potentia incommen-
surabiles 4.4, 4B, quae summam quadratorum suorum
mediam efficiant, rectangulum autem rationale; quod
erat demonstrandum.

XXXV.

Inuenire duas rectas potentia incommensurabiles,
quae et summam quadratoram suorum mediam effi-
ciant et rectangulum medium et simul summae quadra-
torum incommensurabile.

Ponantur duae mediae potentia tantum commen-
surabiles 4B, BI" medium comprehendentes eius modi,
ut 4B? excedat BI™ quadrato rectae sibi incommen-
surabilis [prop, XXXII], et in 4B semicirculus descri-
batur 4 4B, et reliqua fiant, sicut supra.

et quoniam AZ,

4 ZB longitudine in-
commensurabiles sunt,
4 a2 r etiam 44, 4B po-

tentia incommensura-
biles sunt [prop. XI]. et quoniam 4 B? medium est, etiam
44* 4+ 4B® medium est [prop. XXIII coroll]. et

sedcorr. 17. BI'] (alt.) I'b. 18. evppéreovbet F, corr.m. 1.
19. A4B] corr. ex A'Bm. 1 b, A4B4 ¢. 20. yeyovéra]

supra scr. F.  éxdvo elonuévorg V. opolwg] om. Fb, m. 2

BV, 21, ézs] om. B, corr. m. 2. oruv | supra m. 1 P.
ZB] BZ B. ~ 22. éon] dou dorl F, doruy
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vov AZ, ZB loov éotl 16 a9’ éxavégag vav BE, AZ,
lon doa éotlv v BE ©ff AZ* duxdij &g 7 BI' g
Z 4" @ore nal 10 vmwo tov AB, BI' dumdacidv éere
100 Und tov AB, ZA. péoov 0% ©6 vmd tav AB,
5 BI péoov dga xal ©0 vwd tav AB, ZA4. xal éoTiv
loov © vmo vév Ad, 4B uédov &ga xal T6 Umo
16y Ad, AB. xal énsl aovpuerods dotiv ) AB Ty
BI" pijxse, ovuusvgog 02 1 I'B =} BE, dovupscroog
dga xel 7, AB v BE wixs @6ts xal to amd vijg
10 AB ©6 vmd vdv AB, BE dovuperody doriv. adda
té ulv and 17 AB loa éotl ve and vév A4, 4B,
v 0% vnd tév AB, BE igov éorl to vmd tdv AB,
Z 4, vovréer ©d vmd rov A, AB" dovpustgov &pa
éorl to ovprelusvov éx Tdv ano rdv Ad, 4B T
15 Um6 tov Ad, 4B.

Etgnvrar &ge 0vo svdelor of Ad, 4B dvvaus
aevuusTeoL molovoar Té TE Guyxslusvov éx TGV awm’
avtdy péoov xal vo Un’ adrdv pésov xal ini a6vu-
peTgov T ovpxeuéve éx Tov an’ avTéY TergaydveY*

20 Onwep &der Octbau.
ig’.

Eev 0vo ¢nral dvvduer pdvov evuusroor
ovvredawoiy, 1 0An &loydg doviv, xalelofm O
éx 0vo Svoucrov.

25  Zvyxslodwoav yag 0vo ¢nral Svvdus pdvoy 6vu-
ustgor el AB, BI" Aéyw, Svv 84y 1 AT &Aoyds éoTew.

1. 4Z) 4Zb. ] vd dwé P, corr. m. rec. 3. 4Z
BFb. 4. zo#] 6 F, corr. ex ©é m. rec. P, mut. in vé m. 1 b,
to vmé — b, dex ne{] mg. m. 2B. 8. B I'BF. TIB
mut. in B’ V. 9. 4B] B4 ecorr. m. 2 V. %3] ins. m.
2 F. 10. t] corr. exd F. ovppsreor F, corr. m. 1. &ea
dotlv b, dox supra add. F. 11, éotiv P,  1dw) ins. m. 2 F.
12. z¢) corr. exze m. 1 F.  13. 4Z B. rovréonw P. 14,

™
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quoniam AZ >< ZB = BE® = 4Z5, erit BE = A4Z.
itague BI' =2 Z 4. quare etiam 4AB><BI'=2 4B
X Zd. uverum 4B>BI medium est. itaque etiam
AB><Z 4 medium est. et AB>}<ZAd=AA4>< 4B
[prop. XXXII lemma]. itaque etiam 44 >< 4B me-
dium est. et quoniam 4B, BI longitudine incommen-
surabiles sunt, et I'B, BE commensurabiles, etiam
4B, BE longitudine incommensurabiles sunt [prop.
XIM]. quare etiam A4 B* et 4B>< BE incommensura-
bilia sunt [prop. XXI lemma; prop. XI]. uerum 4 .4*
+ 4B = AB? [I, 47] et AB><XZd4d = AB><BE
=AA4> 4B. itaque A4+ 4AB* et A 4>< 4B in-
commensurabilia sant.

Ergq_inuentae sunt duae rectae 4.4, 4B potentia
incommensurabiles, quae et summam quadratorum
suornm mediam efficiant et rectangulum medium et
simul summae quadratorum incommensurabile; quod
erat demonstrandum.

XXXVL

Si duae rectae rationales potentia tantum commen-
surabiles componuntur, tota irrationalis est, uocetur
autem ex duobus nominibus.

, ; , Componantur enim duae
4 B T rectae rationales potentia tan-

tov] (prius) mut. in zijs m. 1 b, 16. of Ad, 4B] om. V.

18. evtdv terpayovoy V. péoov xel] wg. V.  xal o
seq. ras. 1 litt. V, 70 84 Fb, 70 & B. 20, omeq £3es deifou
comp. P, om. BFVb. Seq. doyn tov xete ocvvdeory éfddmy
BFb, mg. V; et in mg. fvredder doyeror mapudidovar xata
civBeay £E (€87 V) dldyovg BFVDL. 21, 1¢'] mut. in Af" F.

28. fore BV, comp. Fb.  xalsiras P. 26, ¢ln] om. FVb,
m. 2 B. AB b, corr. m. 1.
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'Enel yag adovupuergdgs éoviv 1 AB vfj BI uijxec
dvvdus pag pdvov &lol evppergor: dg 0%  AB meog
iy BI', ottwg o vmd 16v ABI mpdg tod amd Tig
BT, aevuuergov dpa éotl vd vmé vwv AB, BI ¢

5 and tijg BI. diie vé pdv 9md rav AB, BI' ovu-
uerody éoti t0 dlg vmd vav AB, BI, ©é 0% anod tig
BI' evpustoc dote v and tvév AB, BI" af yap AB,
BT ¢yrel slor dvvdpst povov cUppsTooL’ aovuusTeov
dga éovl o 8lg vmd twv AB, BI voig and teov AB, BI".

10 %l ovv®évr 16 dlg vmd tdv AB, BI' pere tov axd |
tav AB, BI, vovtéor. ©d and vijg AT, dovuusrody
dov ¢ ovyxepéve éx tdv amd vov 4B, BI. $nrov
0% v0 ovyxsiuevov éx twv dmd vév AB, BI* &loyov
doa [éorl] ©o amd wijg AT Govs xal § AT &Aoyds

15 éonv, xalslcBm 0% éx 0vo dvopdrov: Omsp s
dstEou. )

Ag.

Eav 0vo uéear Svvaper pdvov ovpusrgor
ovvreddoL gnrov megiéyovoar, § GAn dioydg
20 éaTiv, xalsloBo 0t éx dvo péowv mpdry.
Svyneledooay pag 0vo péowr Svvdue udvov 6vyu-
pevoor af AB, BI' gnrov meoiéyovear Aéyw, 8te Giy
n AL &loydg éonv.

1. ovppsrgos P, corr, m. 1. 3. ¥m6] o in ras, in extr.
lin. F, ':awi Tijg . ABT'] AB F; AB, BI" e corr. V, m.
rec. P. an tﬂ‘g BI'] seq. & eras. b, mro\tmv 4B, BI‘F

4. 9mo_tdv] dwo tijs Br'jom. F. 5. dwo tng] vzo
tév ABF. 7. B (nns) AB ¥, sed corr.? —al — 8. gvp:
pereo] om. Theon ( FVb) 8. advy(.&steov aqa doti ro] o
doua ), mo’re ual 76 BFb. 9. toig] aodpperedy dowe voig F.

BT dovupsredy éove BV, 10. cmws&e’:u PetV, sed corr;
ovvredév F, corr. m. 1 et 2. zév](alt.)corr.exzoom. 2 F, 11
AB] corr. ex AT V. zovtéomw 12. domw P.  18. dloyog
B, corr, m. 2. 14. dot(] om. BFVb. 15. don PBYV, comp.

X



ELEMENTORUM LIBER X. 109

tum commensurabiles 4B, BI. dico, totam AT ir-
rationalem esse.

nam quoniam 4B, BI" longitudine incommensura-
biles sunt (nam potentia tantum sunt commensura-
biles), et 4B:BI' = AB >< BI': BI"” [prop. XXI
lemma], etiam AB><BI' et BI® incommensurabilia
sunt [prop. XI]. uerum 4B >< BI' et 2 AB>< BI'
commensurabilia sunt [prop. VI], et 4B®*+ BI'®, BI™?
commensurabilia sunt (nam 4B, BI" rationales sunt
potentia tantum commensurabiles) [prop. XV]. itaque
2 AB >< BI' et AB? 4+ BI® incommensurabilia sunt
[prop. XIII]. et componendo

2 AB><BI'+ AB*+ BI'™® hoc est 417% [II,4],

et 4B® 4 BI™ incommensurabilia sunt [prop. XVI).
uerum .4 B%-4 BI™ rationale est. itaque 4TI irratio-
nale est [def. 4]. quare etiam AI" irrationalis est
[def. 4], uocetur autem ex duobus nominibus; quod
erat demonstrandum.

XXXVIIL

Si duae rectae mediae potentia tantum commen-
surabiles componuntur spatium rationale comprehen-
dentes, tota irrationalis est, nocetur autem ex duabus
mediis prima.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI' spatium rationale compre-
hendentes [prop. XXVII]. dico, totam AT irrationa-
lem esse.

Fb. Ante mse schol. est, u. app. Omsp #de¢ deifou] comp.
P, om. BFVb, 17. 13y F. 19. ovvredwaw BF. 20, dom
PBY, comp. Fb, 21 ovyredeloBwoay b.  22. xal 1éyo F.
oln) post ras. 1 litt. P, om. Fh.
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'Enel pog dovpustds éotev § AB v BI' pixe,
xel 1@ amd 1oy AB, BI' doa dovpucvgd ot 16 Olg
vno 1y AB, BI™ xnal evvdévr va dxd tov AB, BI
uere tov Olg Umd tdv AB, BI', Gmsp éovl ©d amd

5 tijg AT, davuuscrody éove 16 vwd tav AB, BI. gnrov
0% v6 Umd vév AB, BI' vméxewvrar yeg af AB, BI
$nrov weguéyovoar’ dloyov doa Td and vijg AL &Aoyog
doa 1) AT, xahelodo Ot éx 0vo pécmv modty" Omsp
&er detkou.

10 Ay
‘Ecv 0Yo péoar dvvapsr povov 6¥pperoot
ovvteddoL pioov megiéyovear, 1 8Any EAoydg
dotiv, xodeloBm 0t éx dvo piswy desvtdge.
Zvyneiadmooy yap 0vo uéoar dvvdue udvov evu-
15 pergot af AB, BI" péoov meguéyovoar” Aéywm, 6te &Aoyds
dovwv AT
‘Exxslodw yog Onqry n AE, xal v¢ énd vig AT
loov mage 1)y AE mapefsfliode 160 AZ mhdrog
mowoty iy AH. xal émel 16 ano vijg AT leov éorl
20 Tolg v& ano vawv AB, BI' xal ¢ dlg Umé tov AB,
BT, moagafefifode 07 vois and vdv AB, BI magd
mpy AE leov vo E@ Aomdy dga ©0 OZ icov Zorl
T Olg vmd vv AB, BI. xol émel uéon éorlv éxa-
tépa v AB, BI', péoa &oa d6tl xal e axd Tav

1. 7j] m.rec. P. ATl b. 2. dome 5] corr. ex forw

m. 2 B. 6] corr, ex 1.’0 F. 8. nal] om. Theon BFVb).
ovvredéve P. dea 7¢ Theon (BFVD). zd] w6 V. 4
dovty P. 70 amd) in ras. m. 1 P, 6. ovpperoa F, sed. corr.
éoiv P. BI'}posteains.F. ¢gnrév — 6. BI"] (pnus) om. Fb,
m 2B 6 yee] m.2B, ¢ Fb, Bm. 1. «i of dnd Tow b,
7. &loyog — 8. AT'] mg. m. 1P. s meatn] seq. schol.,
u. app. Omee #der Oeifee] comp. P, om. BFVb,” 10. 19 F.
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nam quoniam 4B, BI" longitudine incommensura-
biles sunt, etiam 4 B*+ BI'"® et 2 AB>< BI incommen-
4 g p surabilia sunt [efr. p. 108,18q.). et com-
+————+—— ponendo 4B% 4 BI™ + 2 4B >< BT,
hoc est AT [I1, 4], et 4B >< BI" incommensurabilia
sunt [prop. XVI]. uerum 4 B>< BI rationale est; sup-
posuimus enim, 4B et BI” spatium rationale compre-
hendere. itaque AI' irrationale est. ergo 4 I irratio-
‘nalis est [def 4], uocetur autem ex duabus mediis
prima; quod erat demonstrandum.

XXXVIIL

Si duae mediae potentia tantum commensurabiles
componuntur medium comprehendentes, tota irratio-
nalis est, uocetur autem ex duabus mediis secunda.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI' medium comprehendentes
[prop. XXVIII]. dico, AT irrationalem esse.

B _ ponatur enim ra-

4 ¢ ir tionalis 4E, et qua-
4 6 H drato AI® aequale
rectae 4E adplicetur

AZ latitudinem effi-
Z ciens 4H (I, 44]. et
quoniam A4I™ = 4B%* 4 BI"* 4 2 A4B>< BI [II, 4],

12. gvvrediow PF.  13. dove BV, comp. Fb.  17. yde]
om. F¥b, m, 2 B. 3] corr. exaV @] corr. exzom
2 P 21, Post BI' add. Theon: zo d& and g AD isov éorl
W AZ, wal 70 JZ a(m ooy éotl zois (rs add. V) awo tdv
4B, BI ual % dlg Ymo THY AB, B BVb, F mg. m. 1).

dn woea Ty AE V. mogo tnv 4E] om. V. 92 dotl]
m 2 F. 24. péon B, corr. m. 2. ot{] m. 2 V.
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AB, BI. puéeov 0 vmoxsiren xal ©o Ol Um0 THW
AB, BI. xol éove volg uiv ané vav AB, BI loov
10 E®, ¢ 0 dlg imo tév 4B, BI' loov 0 26"
péaov doa éxdvegov tov EO, O®Z. xal mege $nriy
5t AE magaxsstar $qry &pe éovlv éxavépa Tav
40, OH xal dovpuctgos v AE wijnsi. émsl ovw
acvpusteds éoriv 7| AB tfj BIT wine, xal édotiv g
% AB mpdg v BT, ovrag vo dnd g AB mpdg 7o
vmo tév AB, BI', acvppergov &go éotl ©d amod vijg
10 AB 16 vmd tév AB, BI. aida t¢ udv amd vis
AB ovpucrgdy ot 10 ovpxelpevov éx TOV AXO THY
AB, BI verpayovev, t6 6% vno tov AB, BI' ovy-
peteov éoti 7o dlg Umd tav AB, BI. aevuuergov dou
ol 10 ovpxelusvov éx Ty amd tov AB, BI' ve dig
15 vnd tov AB, BI. alie voig udv amd rov AB, BI’
loov éorl vo E@, ¢ 0% dlg Um0 tév 4B, BI loov
dotl 10 OZ. acvpusrgov dga forl 10 EG 166 O
dove xal 7 40 v OH ot aovpusrgog wixer. af
460, OH ko ¢nrai eler dvvduss udévov ovpucrgol.
20 @6t 7 AH &ioydg doriv. ¢y 0% ) AE* o 8% vmd
aléyov xal ¢nriis mepueyducvov dedopwdviov &Aoydy
dotwv &loyov dgo éotl 10 AZ ywelov, xel 7 dvve-
uévny [adro] dAoydg dovev. Ovvarow 0% 10 AZ 1) AT
1. xal] om. BFb; ©6 9w zdv (om. Fb) 4B, BI. pécov

&oa Bb, postea ins. F; uelusvoy: t6 dlg vm6 tov 4B, BI.
péoov &g mg. m. rec. B. 9 vév] spat. mac. F. 38, Z6)]
corr. ex OZ V. B. magdusvran V. 6. émel odv] nol émsl
Theon (BFVD). 7. xal — 8. BI) om. Thoon, BEVD). 9.
aevppsreor — 10, BI'] punctis del, V. 9. doa] om. FVb,
m. rec. B. dotlv P.” dmo tijs AB 1) cvynelpevov Ex tdv
ano 1oy AB, BT ¢ 84 Theon (BFVb). 10. alle — 15.
AB, BT (prius)] om, Theon (BFVb). In mg. xef fomw lin. 7

— 4B, BT lin. 16 addito xsfuevoy et signis >< \J ad locam
suum relat. V (lin. 10 dzé pro vxd), eadem B mg. m. 2, nisi

™
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rectae 4 E adplicetur E®@ quadratis /B2 | BI™® ae-
quale. itaque reliquum ®Z =2 4B><BI'. et quoniam
media est utraque 4B, BI, etiam 4 B? 4 BI"™ media
sunt, supposuimus autem, etiam 2 4B >< BI' me-
dium esse. et E@ = 4B* 4 BI'*, Z@ =2 AB>< BI.
itaque utrumque E®, ©®Z medium est. et rationali
AE adplicata sunt. itaque utraque 4, ® H rationalis
est et rectae 4 E longitudine incommensurabilis [prop.
XXII]. iam quoniam 4B, BI” longitudine incommen-
surabiles sunt, et 4B:BI'= A4AB*: AB><BI [prop.
XX1 lemma], 4B% et 4AB><BI' incommensurabilia
sunt [prop. XI}. uerum 4B? et 4 B2+ BI® commen-
surabilia sunt [prop. XV], e¢ 4B><BI, 2 AB><BTI'
commensurabilia sunt [prop. VI]. itaque 4 B2~ BI™
et 2 AB><BI' incommensurabilia sunt [prop. XIII).
verum E@ = AB’~+ BI®, @Z =2 AB>< BI. itaque
E®, @Z incommensurabilia sunt. quare etiam 4,
® H longitudine incommensurabiles sunt [VI, 1; prop.
XI). ergo 46, @H rationales sunt potentia tantum
commensurabiles. quare 4 H irrationalis est [prop.
XXXVI]. uerum 4 E rationalis est. rectangulum autem
recta irrationali et rationali comprehensum irrationale
est [prop. XX]. quare spatium AZ irrationale est, et
recta ei aequalis quadrata irrationalis est [def. 4]
verum AI*=AZ. ergo AT irrationalis est; uocetur

quod om. dzd lin. 14 — 4B, BI' lin. 15 et del, davpperoor

lin 18 — % zdy lin. 14. 17. ®Z] mut. in Z6 V, ZO BFb.
doviv P, ©Z) 2@ Bb.  18. aoduusteds dom V.  pijnec)

om. Fb, m. 2 B, Deinde add. #dsly®noav 8% fnral V, m.

2 B. 19. slow PB.  20. ot BV, comp. Fb. 22. doziv P.
nal] dore wal V.  28. adrd] om. P, zm PBYV, comp. Fb.
8 1) 4Z 10 AT &« &loyds detiv F.

Euclides, edd. Heiberg et Menge. III. 8
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&Aoyog doa éotiv q AT, nukeiodn 6% éx 0vo puécwv
dcvréoe. Omep ¥0s delkar.

Ad.
'Edv 0vo c08elal Ovvaper d6vuueT@oL 6vv-
5 769G 61 mMoLoVOaL 1O uiv ovyxelusvov éx TV
an’ eTOV TETQRYGVRY $nTéV, 10 8 VA’ avrev
uéeov, n 8An evdela &hoydg é6Tiv, xedeicPo O}
uellov.
Zvyrelo®ooay yag Ovo svdelow Ovvaust dovuue-
10 gos af AB, BI' moiovoar te: mgoxeipsva” Aéyw, Ot
&hoyég éotiv § AT
'Emel pag 160 vmd tdov AB, BI' uéoov éoriv, xal
10 0lg [doa] Vwd tév AB, BI' uésov éotiv. 1o O}
ovyxelusvov éx tév and rédv AB, BI gnrév: acvu-
15 pergov &po doti O dlg vwo tdv AB, BI' 16 ovy-
xeuéve éx tév dnd vov AB, BI" dore xal va amd
tov AB, BI" ueve: tov Olg vmo tdv AB, BI', Omsp
otl ©d amd vijg AT, devuuerody ot 16 ovyxeuéve
é tov and tov AB, BI' [§nrov 0t 10 ovyxelusvov
20 & TV amd tov AB, BI']' &doyov &ou é6tl 1O amod
vijc AT @ore xal 3 AT &loybs éorv, xedsiodo O
peltov. Omep E0e Otk
w.
'Edv 8vo svdelar dvvdper a6vupueroor ovv-
Ted@GOL moLoUOaL TO Uiv CVYxELpEvov €x TAV
an’ «vT@v reTgaydvev uédov, ro & vx’ adrodv

e

2. dsvrépa] seq schol., u. app, omsg £0sL c)‘ugat] comp.
P, om. BFVb. 3. 187) om. b, ' F. 4 ovvie®aaw PBF.

N
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autem ex duabus mediis secunda. quod erat demon-
strandum.

XXXIX.

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum ratio-
nalem efficiant, rectangulum autem medium, tota recta
irrationalis est, uocetur autem maior.

Componantur enim duae rectae
potentiaincommensurabiles 4B, BT,
quae proposita efficiant [prop. XXXIII]. dico, AT ir-
rationalem esse.

nam quoniam 4B >< BI" medium est, etiam 2 4B><BI"
medium est [prop. VI, XXIII coroll.]. est autem 4B?
< BI™ rationale. itaque 2 AB><BI et AB*-}- BI™®
incommensurabilia sunt [def. 4]. quare etiam 4 B% 4
BI* 42 AB>< BT, hoc est AT"* [II, 4], et AB*+ BI"™
incommensurabilia sunt [prop. XVI]. ergo AT irra-
tionale est; quare etiam AI irrationalis est [def. 4];
uocetur amtem maior. quod erat demonstrandum.

f—1|

|
A B r

XL.
Si duae rectae potentia incommensurabiles compo-
nuntur, quae summam quadratorum suorum mediam
efficiant, rectangulum autem rationale, tota recta irra-

5. uév] e V. 6. tetpayovoy b. 10 04 BF, dtwe b. T.
fon V, comp. Fb. 12. éovi PBV, comp. Fb. 13. doe]
om. P Zozl PBYV, comp. Fb. 16. za] 7d B. 18. fouiv P.

ovpusTooy b, corr. m. rec. detv P. 19. ¢nzdv — 20,
BI'} om. P. 20. &loyog F, corr. m. 1. 21, 6. PBYV,
comp. Fb.  22. gefwy] seq. schol, u. app. omee £0se deitar]
ngBFb comp. P 23. we’ F. 24, ovvrePdory BF. 26,
é

8*
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éntdv, 1) Ay s08sia &Aoyds éoTiy, xalelodo OF
onrov xal pécov dvvaudvy.
Svyxelodwoay yop 0V svdsiar dvvaps &6vppETQOL
of AB, BI" mototoas to mooxeipeva” Aéyw, Ot dAoydg
5 éorww 1 AT
"Ensl yag ©o cvyxslpevov éx tov dnd tov AB, BI”
uéoov éotiv, vo 0} dlg vmd twv AB, BI' ¢nrdv, devu-
petgov dga doti vd ovyxelusvov éx vov dnd tdy A B,
BI 16 0lg 9md 16y AB, BI'* dove xal 7o anmd g
10 AT acvppstodv ot 16 dlg Umd vév AB, BI. ¢nrov
0t o dlg Vw0 vév AB, BI™ &Aoyov &oa 1O amd Tijg
AT &ioyog dga ) AT, xadelodw 0 ¢nrov xal pé-
gov dvvauévy. Omsp éd0s Oeikar.

po.

15 Eav dvo0 evdelar dvvduss aovpusrpol cvv-
@06 motovOaL TO TE Gvyxnelusvoy éx Thv aw
adTdy TeTQayavey uédov xal 10 VT VTGV ué-
cov xal ¥tL aovupETQov TP vy UiV éx THY
ax avtdv tereaydvev, 7 GAny evfela &loyds

20 é0TLy, nadelodw 0t 0vo puéoa dvvaudvy.

ZSvyxelodmoay yag 0V0 svdsine Svvaus dovuue-
toot af AB, BI' mowoidar ta mooxelusva' Aéyw, ove
5 AT dioyds éomwv.

¢

Exxelodw $qry 5 AE, xol magafefinodo maga

1. §nrév, 7] inras. V. doze BV, comp. Fb.  xedsizan P.

3. yap] supra scr. m. 1 b. 4. «f] supra m. 1 P.  mgoe-
nelusve ¥, sed corr. 6. AB, corr. m. rec., P. 8. omo F,
corr. m, 2. 7, p,émw%uéa- inras, V. dor/ PBVD, comp. F.
0¢g] supra scr, m. 1 V.  §nzdy] corr. ex pécory m. 2 V. ovpu-
uezgoy B, corr. m. rec. 8. domiv P.  10. 16 — BI'] bis b,
mg. m. 1 P. Post xel add. ovsdévn Theon (BFVD), P m.
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tionalis est, uocetur autem spatio rationali et medio

aequalis quadrata.

-4 Componantur enim duae rectae potentia incom-
mensurabiles, quae proposita efficiant, 4B, BI’
[prop. XXXIV]. dico, 4TI irrationalem esse.

ig nam quoniam 4B? 4+ BI™ medium est, 2 4B
>< BI" autem rationale, 4B*+ BI® et 2 AB><BI’

+I" incommensurabilia sunt. quare etiam AT et

2 A4 B><BI incommensurabilia sunt {prop. XVI]. uerum

2 AB><BI rationale est. itaque AI' irrationale est.’

quare A4 I'irrationalis est [def. 4]; uocetur autem spatio

rationali et medio aequalis quadrata. quod erat demon-
strandum.

XLIL

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum mediam
efficiant, et rectangulum medium et simul summae
quadratorum incommensurabile, tota recta irrationalis
est, uocetur autem duobus spatiis mediis aequalis
quadrata.

Componantur enim duae rectae potentia incommen-
surabiles 4B, BI', quae proposita efficiant [prop.
XXXV]. dico, 4T irrationalem esse.

ponatur rationalis AE, et rectae 4E quadratis

Tec. 12, alo‘yos — AI'l mg. m. 1 P. 13. dvvapévn] seq.
schol,, u. app. omeo £0sr deiter] om. BFb, comp. P. 14.
pe’] m mut. Jnpf m 2 F. 15. cuvreddow PBF. 17. xal
16 vn’ avroy péoov] supra ser. m, 2 V, 19. tst(m’(mwm
PV. 7]m 2F. 20 fm PBY, ,comp. Fb. 22 t& meo-
nuy.swx] m 1 avyus[ywov i oy omo 1oy AB, BT pésov ual
76 Y7o 6y 4B, BT pécov xel it dovppETQOY T CUYRELPEVED
éx Tdy dmod TGV AB BT terpaywyey Theon (BFVb TETQUYEVED
FVb).
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v AE vtoig ptv amd vév AB, BI loov ©6 AZ, ©t6
0t dlg vmo vév AB, BI' isov o HO®' Giov &oo o
40 loov dotl e dmd vijg AT revgaywve. xal émel
péoov forl 10 ovyxeluevov éx tdv dmwd tédv AB, BT,

b xal éoniv iGov v AZ, uéoov &g éorl xal to AZ.
xol moga fnriw iy AE magdxsivar: $nry dge doriv
1 AH xel devppetgos i) AE pijxe. die te avre Oy
xol 7 HK ¢nre) dote xal aedpusreog t; HZ, tovr-
dotu tf} AE, wixe. nol émsl aovupered fovi T Amd

10 Ty AB, BT ©6 dig vnd vov AB, BI', aovuustoov
dore 10 AZ v HO' @ove xal 7 AH vfj HK aovpue-
190 éotww. xol &lor ¢nral” of AH, HK &pa ¢nral
elor dvvdus pdvov evuuergor’ &Aoyog cgo fotiv 4
AK % xodovuévy éx dvo dvoudtev. ¢qry 6t n AE

15 &Aopov doa éotl 10 A@ xal % Svvaudvy avro &Aoydg
dorwv. dvvarar 0t 10 @A v AT &loyog dga éoriv 7
AT, xalelodw 0t 0vo péca Svvapfvy. Omep &0a
detka.

Afjpua.

20 Ore 0} of elomuéves Gloyor povaysg Oiegovvrar
el Tég e0Belug, & v oVyxewTaL WOLOVEDY TE TQO-
xslusve &ldn, Ostbousy 10y moosndéusvor Anupdriov
TototToV”

‘Exxelodo s0@ela ) AB xal tevwijedo 7 8y &g

o5 Gvise xo® énaregov tov I, 4, Umoxslodew 6% peltav

1. 4E] corr. ex dAm. 2 P. 8. ®4 P. 6. 4E] corr.

ex dm. rec. B. 7. 8wk — 9. prines] mg. m. 2 F. 8. doryv B.
rovzeony B. 9. dodpuerody dov 6 BV. 10. 1o — BI'
mg. m. 1 P (zé corr, ex =6 m. rec.). 11. &g doel P.  4H
H4a b, 12. dote Vb, comp. F m. 2, elow B. Post at
del. 3¢ F. éea] m.2F. 13. sloww P. 14, 4K] K e corr.

m. 1b. 16. dore V,comp. bet m. 2 F, 6] 1nras. Vb,
46 corr. ex 4Hm, 2B, 5 AT] m. 2 B.  &pa] yae B.
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AB? - BI? aequale adplicetur 4Z, rectangulo autem
2 AB><BI aequale HO®. itaque 40— 4TI [II, 4].

e o et quoniam 4B? 4 BI”? medium est et
= A4 Z, etiam A4Z medium est. et rectae
H Z rationali 4 E adplicatum est. itaque 4H

rationalis est et rectae 4 E longitudine
incommensurabilis [prop. XXII]. eadem

4 E de causa etiam HK rationalis est et rectae
\ . HZ, hoc est 4E, longitudine incommen-
4 B surabilis. et quoniam A4B? -4 BI™® et
2 4B >< BI' incommensurabilia sunt, 4Z et H® in-
commensurabilia sunt. quare etiam 4 H, HK incoramen-
surabiles sunt [VI, 1; prop. XI]. et sunt rationales;
itaque 4 H, HK rationales sunt potentia tantum com-
mensurabiles. ergo 4K irrationalis est, ex duobus no-
minibus quae uocatur [prop. XXXVI]. 4 E autem ratio-
nalis est. itaque 4@ irrationale est, et recta ei aequalis
quadrata irrationalis [def. 4]. est autem 4I' = 46,
ergo AT irrationalis est; nocetur autem duobus spatiis
mediis aequalis quadrata. quod erat demonstrandum.

Lemma.
Rectas autem irrationales, quas nominauimus, uno
tantum modo in rectas diuidi, ex quibus compositae
j—i—————1 sint proposita efficientibus, demonstra-
4 4ET bimus huiusmodi lemmate praemisso.

17. dvvepéyn] seq. schol., u. app. Smee #de1 Seifau] om.
BFVb. 19, inppa] om. BV, m.rec. P, 20. 6u] = V. 21,
noooxnelpeve F, corr. m. 2. 22. moodiusvor P, moocendépsvor
B et F, sed corr. 24, Ante #9@eic ras. 8 litt. V. ¢ 31y
6ln FVbh. 25, xel nad’ F. fndvege BV.  omonsloBew 04
ol omonelofo P.
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7 AT g AB* Adyw, dve 1 amo tov AT, I'B pel-
fova dot TGV amd rav Ad, AB.
Tetusiodo yep 7 AB 0lya xara ©vo E. xal énmel
peléov éotlv 9 AT vijg 4B, xows apperede 5 41
5 Aowmy) cge ) A Aowwijs vijg I'B usltov éovlyv. loy
0t 9§ AE vfj EB* éAdvrav dga v AE viig EI 1a
I, 4 égo enusta ovx lov améyovor tijg diyorouleg.
xol émel 16 vmo rov A, I'B uera tov awd v EI
foov éotl ve dmd g EB, dide pny xel ©0 vmd Tov
10 Ad, AB peve vob axd AE loov dotl ¢ émo Tijg
EB, vo &oa tmd vdv AT, I'B peve toi éno vijg EI’
leov dorl ©d vmd tov A4, 4B psve Tov amé T
AE' ov 1o dnd tijg AE acedv d6ti vod dmd Tiig
ET xal Aowmov doa 76 Umd twv AI'y I'B fleccdv
15 €67t 1oV Um0 1y Ad, AB. dere xel To dlg VEO TGV
AT, I'B &acadv dere vov Olg vmé tév Ad, AB. xal
Aoumov doo ©O ovyxslusvov éx tév amd rév A, I'B
ueitov doti Tov ovpreudvov éx taw axo tov Ad, 4 B
omeg #0s Osiar.

20 uf.
‘H éx 8¥0 dvopdtov xard Ev udévov enueior
dracgpslras elg Ta dvipara.
"Eovw éx 0vo dvopdrov 3 AB Supenuévy &l T
Svdpare xeve vo I af AT, I'B &oa ¢nral &lor dvvd-
25 WL pudvov ovpusrgor. Aéyw, 8te ) AB xav Gido on-
pslov 0¥ diagelvar slg 0vo ¢nrvag Ovvdust udvov
cvpuéroovs.

2. 44] AT corr. in AB m. rec. b. 4. Post nowwn del.
8 V. AJI'] ATD, AT »alP. 6. dlacowy P.  &ea dotiv P.
7.4, P, 9. pip] om. P. 10. 7ijg 4E V. zd] 7o b.

™
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Ponatur recta 4B et tota in I', 4 in partes in-
aequales secetur, et supponatur 4" > 4 B. dico, esse
ATl + I'B?* > A4 + 4B nam AB in duas partes
aequales secetur in E. et quonmiam 4I' > 4B, sub-
trahatur, quae communis est, 4I' itaque relinquitur
AA4>TB. veram AE=EB. itaque 4 E<EI. itaque
puneta I', 4 a puncto medio aequaliter non distant.
et quoniam AI'>< I'B + EI" = EB® [II, 5], et
AA>< AB+ AE? = EB? [id.], erit AT'><T'B 4 EI®
=A44> 4B+ AE? quorum 4E}< EI®, itaque re-
liquum AI'><I'B <A A4><4B. quare etiam 2 AI"><I'B
<244 > 4B. ergo etiam reliquum') AI*® + I'B?
> A4% 4 4B quod erat demonstrandum.

XLIL

Recta ex duobus nominibus in uno tantum punecto
in nomina diuiditur. '

Ex duobus nominibus sit 4B in puncto I' in no-
mina diuisa. itaque AT, I'B rationales sunt potentia
tantum commensurabiles [prop. XXXVI]. dico, 4B in
nullo alio puncto in duas rationales potentia tantum
commensurabiles diuidi.

1) Nam
311“-{- IB -} 2AT><I'B=AB'=AAd*+} 4B*+ 244>< 4B
) 4).

11. T'B] in ras. F.  12. 7ijg] postea ins, F. 13. év — JE]
om F.  #lacoy V. Zom] om. % 14, Flarroyr BVb, comp.
F (in B supra scr. pusifov m. rec., sed del.); item Lin. 16. 16.
nel] supra scx, F. 18, dwd] corr. ex vmé m. 2 V. 19
Ante 8mep add. elwep cvvaugdirege s Zorl 6 (tév b) damo
tiig AB Theon (BFVb), m. rec. P. 21, xad’” b. 24. nazd]
supra ser, m. 1 P. eloty PBF. .
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E! yop Odvvardv, dupeiode xal xare 1o 4, @6re
xoal tag Ad, AB qreg slvar dvvause udvov ovpué-
Toovg. @avseov 0%, ore ) AT vjj AB ovx fory 7
avr. & pap Svvardv, Eotw. Eovar 0N xal 7 Ad T

5 I'B 7 avmij* xal &otar og ) AT mpog iy I'B, ovrag
9 BA mgog vy A A, nai Eovar vy AB nave 10 avrd
vij xare v0 I' dwupéose Ovengsdeion xal xave zo 4
Omep ovy Uméxsitar. ovx dge 7 AT v} AB derw 7
avry. Odux Oy tovro xel te I, 4 onusia ovx [dov

10 dméyovor Tijg duyoroplug. & oo Oiagips Ta G4mO THY
AT, I'B vdv and tév A4, 4B, tovre duapés xal
70 Olg Uwd Tov Ad, 4B vov dlg vwd rav AT, I'B
dux 70 xal ta dnd vov AT, I'B uere tov 8lg Omod o
AT, I'B xal te: dnd vov A, 4B usta tov Olg vwd

15 T6ov Ad, 4B loa slver te dmd vijg AB. dide o amo
té6v AT, I'B tév awo tdv Ad, AB diapéps qrd’
onra yog aupireee xal to dlg doa vmd Tév Ad, AB
Tov Olg Umd tév AL, I'B Siepéps ¢nrg péoe Svra:
Omeg Gromov' widov pag péoov ovy vmeiyst $nTe.

20  Odx &pa 7 éx 8vo Svopdrav xat &ido xel &Ado

onuelov Oageltar: xa® By Goo udvov: Omeg &0

dzikae. :
wy.
‘H éx 0vo puéewv mpawty xa®d v udvov on-

25 pelov Orargelrac.

1. Stgelofo V. mel nard] xeze BFVD, 8. 4B] B4

ecorr. m. 2 V. 4, 8] corr. exdéV Ad] corr. ex AT V.
5. I'B] mut. in BT og 3 — 6. forow] m. 2 B. 8.

mjv] om. Fb. 1] g 1] b (corr)), ag supra ecr. m. 1 F.
avtd] av- e corr, Vi evro_wuijpe P, tufjue supra ser. m.

2 V. 7. 7jj %ard] m. rec. P. Post xaf add. zjj supra m.

1V. B8 4B] 4B 10. dméyovery B.  zob Sigoroulov P,
corr. m. rec. o] mc @. 12, AT, I'BP. to¥] corr. ex ov

™™
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Nam, si fieri potest, in 4 diuidatur ita, ut
etiam 44, 4B rationales sint potentia tantum
commensurabiles. manifestum est igitur, 4TI et
4B easdem non esse. sint enim, si fieri potest.
itaque etiam 44 et I'B eaedem erunt. et erit
lp AT':TB=Bd:44, et AB etiam in 4 eodem
modo ac in I" diuisa erit, id quod contra hypo-
thesim est. quare 4I', 4B eaedem non sunt.
ea de causa I', 4 puncta a medio puncto
aequaliter non distant [ecfr. lemma]. quo igitur
AI? 4 I'B® ab A4* + 4B differt [u. lemma], eo
etiam 244> 4B a 2 AT < I'B differt, quia 4T
+IB: 4 2A7X}XT'B=AB*=A4 A+ AB*+2 44
=X 4B (11, 4). verum AI® 4 I'B® ab 4 4* + 4B?
spatio rationali differt; nam utrumque rationale est.
itaque etiam 2 44 >< 4B a 2 AT'><I'B spatio ratio-
nali differt, quamquam media sunt [prop. XXI]; quod
absurdum est; nam spatium medium non excedit me-
dium spatio rationali [prop. XXVI].

Ergo recta ex duobus nominibus non diuiditur in
punctis diversis; itaque in uno tantum diuiditur; quod
erat demonstrandum.

-B

XLIIL

Recta ex duabus mediis prima in uno tantum
puncto diuiditur.

m. rec. P. ¥d»] om. P. 4T, I'B] 44, 4B P.  15. 4B]
supra scr. 4 b. 16, Post I'B ras. magoa V. zdé+] corr. ex
b, 17 doa] supraser.m.2F. A44B P, corr. m. rec. 18,
ATB Pb, corr. m. rec.  19. dxse &romov] om. Theon (BFVb),
dg]. 8¢ Theon (BFVD), 21, diepsczar P, corr. m. rec.
ongg £3s dsifon] comp. P, om. BFVb. 25, Siaeeirar el
ta évépeze Theon (BF VD).
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"E6tw &x 0vo uéowv mowty v AB diponuévy xata
10 I'; @dore tag Ay, I'B uéoes slvor dvvduer pdvov
ovuuérgovg GnTOVv megieyovdag® Adyw, 81t ) AB xar
&Ado enueiov ov Oiagelra.

5  El yag dvvardv, Sipgrnode xel xare 1o 4, dorts
xel veg Ad, 4B péoag elvar Svvduer povov Gupué-
TQovg $nTOV megueyovdag. émel ovw, 6 diapéost T dlg
md tév Ad, 4B rov dlg vmd tdv AT, I'B, tovze
diapéose te amd vov AT, I'B 1y dno tov A4, AB,

10 ¢t 0} Oiegéosr TO Olg vmd tdv Ad, AB vov dlg
om0 tdv AL, I'B* ¢yre pag augdirege” dnre Gow
diapéoer xal e and 1év AT, I'B tédv amd vév A,
4B uéea Gvre Omeg dromov.

Ovx doo 7 éx O0vo péowv mowrn xer &Ako xal

15 &ddo onuetov diougeitar &lg T dvdpoara’ xad fv dou
uovov: omsp £0s deifa.

pd’.

‘H éx 8vo pé6av dsvréoa xa® Ev udvov ag-
petov OiacgsiTal.

20 "Eote éx 0vo ui6ov dsvréga 1 AB dinonuévy xete
70 I, dote vag AT, I'B uéoag slvar dvvdue uovov
ovuuéreovg uioov megieyovsng” @avegdy 01, ot o I
ovx é61L xat tijg Ouyotoulag, Ot ovx elel wixss ovy-
petgo. Adyw, 81 ) AB xat &Ado onuelov od -

25 Q&lTat.

E¢ yag dvvardv, duppricdew xal xara 1o A, @ore

1. 9 AB] supra scr. F, corr. ex #§ 44 m. rec. P. 4. of]

om. b. 5. xa/] om. Fb, 9. zév dné] in ras. m. 1 P. 10,
4B] supra scr. m. 1 F. 13, Post dvre add. pésov péoov
vmeoéyel gt . 16, msg £9zr deifeu] comp. P, om. BFVD,
17. ud’] mut. in pe’ P, 19. diupeiron ey e dvipata
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Sit 4B ex duabus mediis prima in I" ita diuisa,
ut A, I'B mediae sint potentia tantum commensura-
\ —_ , biles spatium rationale com-
4 4 r B prehendentes [prop. XXX VII).
dico, 4B in nullo alio puncto diuidi.

nam, si fieri potest, in 4 ita dinidatur, ut etiam
A4, 4B mediae sint potentia tantum commensura-
biles spatium rationale comprehendentes. iam quo-
niam, quo differt 2 4 4>< 4B a 2 AT'><I'B, eo differt
AT 4 I'B® ab 442 4+ 4B? [prop. XLI lemma], et
244> 4B a 2 A >< I'B spatio rationali differt
(nam utrumque rationale est), etiam AI'® 4 I'B% ab
AA® 4+ 4B spatio rationali differt, quamquam media
sunt; quod absurdum est [prop. XXVI].

Ergo recta ex duabus mediis prima in nomina non
diuiditur in punctis diuersis; itaque in uno tantum
diuiditur; quod erat demonstrandum.

XLIV.

Recta ex duabus mediis secunda in uno tantum
puncto diuiditur.

Sit 4B ex duabus mediis secunda in I' diuisa,
ita ut 4I', I'B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes [prop.
XXXVIII]. manifestum est igitur, I punctum medium
non esse, quod longitudine commensurabiles non sunt.
dico, 4 B in nullo alio puncto diuidi.

nam, si fieri potest, etiam in 4 diuidatur, ita ut

Theon (BFVDb).  23. Zomuy B. Ty Ouyotoulay V. oti]
£gu%ﬁusp Theon (BFVb). =elotv PB.  26. xal] om, Theon
(BFVb).
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v AT vfj AB upy sivow iy adtqv, dAle peifove
xed UnoBsowwy Ty A" OfAov O, Otv xal Td Amd
v Ad, 4B, g émdve slbapev, éAacoove TGV dmo
v AL, I'B* xal tag Ad, AB upéoas slvar dvvdpse
udvov ovuuétgovs méeov megiegovons. xel fxxsiode
oneny N EZ, xel td pdv ano tijg AB loov mwage v
EZ mogadiniopgauuov dpdoywviov wagafefinede to
EK, tolg 0% and tdv AT, I'B loov apyneiede o
EH: Aoumov Gge t0 OK loov éorl © Olg vmd rdv
ATy 'B. maiw 0% voig and vov Ad, 4B, dnse
ZAeooove E0elydn rdv dmd tév AI', I'B, loov agy-
o1j6dw 10 EA- xal Aowmdyv &oo t0 MK loov 1 dlg
Vo tov Ad, AB. xal énwsl péoe dovl e amd TGV
AT, I'B, péoov édee [xel] 70 EH. xal mapa ¢nrav
v EZ nogaxsizas $yry doa dotlv n EO xal davu-
uevgog v} EZ uinec. Oie vo avre 87 xel 7 ON dnre
éore xal aovppcrgog vi] EZ pijxe. xol émel of AT,
I'B péoar elol dvvdust uévov ovpusctgor, devuueTgog
doa éotlv §) AT wjj I'B wixer. ag 0t 1 AT moo3
v I'B, ovrag 10 dnd vijs A meog ©o6 ©mo Y
AT, I'B* dovppstgov &oa éorl ©o and vijs AT
vnd 1@y AT, I'B. aide v utv ano vijg AT ovppe-
tod dot. ta amd twv AL, I'B* Oduvdper pdo sloc

1. AT] I'inras. F. 2. nave P.  dijlov 8%, ore] Sndadn
Theon (BFVb); drc add. B m, 2. 3. AT, I'B pelfove 1w
dnd vov A4, AB, og éndveo édslepey Theon (BFVD). 4. Ante
nol add. #6tw dé” V, et in mg. m. 1 “#ldedsove Ty dnd AT,
I'B. 5. ueloBw V, corr. m. 1. 6. 3] corr. ex 6 V. 7.
moagalinloyeappoy 6edoywriov] om. Theon (BFVD). 9. OK}
inras. V. 10. @nee — 11. I'B] om. Fb, mg. m. 2 BV. 11.
fldrrove V.  12. EA] 9o vdv AT, I'B B. Deinde add. maiir
87 tois dmo vdv Ad, 4B {lascov #delydn tév dmd tov AT,

T'B B, émel nal (xal &mel V) 7d dno tov A4, 4B éldecove
(édattove F) 80elydn tav dno tév A, ’'B FVb, in V del.

™,
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AT, 4B eaedem non sint, sed 4I" maior supponatur
(manifestum est igitur, esse etiam 442+ B2 AT
~ I'B%, ut supra demonstrauimus [prop. XLI lemmal),
et ut 44, 4B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes. et pona-

et ——|

A
E I
e S

tur rationalis EZ, et quadrato 4B? aequale rectae
EZ parallelogrammum rectangulum EK adplicetur [I,
44], quadratis autem A4I'® + I'B? aequale auferatur
EH. itaque quod relinquitur, ®K = 2 AI' >< I'B
[II, 4]. rursus quadratis 44% 4 4B* (quae minora
esse quam AI" 4 I'B% demonstrauimus) aequale aufe-
ratur EA4. itaque MK =244><dB. et quoniam
AI'? 4 I'B? media sunt, EH medium est. et rectae
rationali EZ adplicatum est. ergo E@ rationalis est
et rectae EZ longitudine incommensurabilis [prop.
XXII). eadem de causa etiam ®N rationalis est et
rectae EZ longitudine incommensurabilis. et quoniam
AT, I'B mediae sunt potentia tantum commensurabiles,
AI" et I'B longitudine incommensurabiles sunt. sed
Al :T'B= AI'*: AT'>< I'B [prop. XXI lemma). itaque
etiam 4I'* et AI'>< I'B incommensurabilia sunt [prop.

Zotl tg P.  13. dot/] inyas. m. 1 b, doriv B. 14, nal 4]
6 BFVb. 16, ON]EHDb, ENinras. m. 1 F. 17, Zouv P.

18. ¢leév B.  19. I'B] B’ B. 20. I'B} in ras. V. 21,
ovpuereoy V, corr. m. 1. AI'] 4 e corr. V. 22. alle]
supra scr. m. 1 V.  z6] corr. ex o m. 1 F.  zé pév] e
corr. V. 23. I'B] B eras. B.
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oVppergor of ATy, I'B. ¢ 0% vmo vév AT, I'B otu-
peteoy éome ©o Olg vmwd vév AL, I'B. xel e amo
oy ATy, I'B dga dovuustoa Zoti th Olg Ym0 Todw
AT, I'B. daAke voig udv ano tév AT, I'B loov éotl
5 ©0 EH, t¢ 6% dlg vmo tdv AI'y, I'B loov o OK-
dovuuetoov oo éotl ©d EH 16 @K' dore xol 7 E®
5] ON aovpusteds €0t piner. xoal elor fnral af
E®, ON dguo gyral elor dvvduer uévov evupetgor. fav
0t 0vo gmral dvvduer uovov evuuergor GvvreddoLy,
10 9 8An &Aoydg éoviv 5 xadovuévy & 0vo dvoucrev-
5 EN &pa éx 0vo Svoudrav éotl digenuévy wate To
©. xate te avre O deydijdovrar xel of EM, MN
onral Svvdues pdvov ovpuergor’ xal Eotar v EN éx
0vo Svopdtov xar &ido xal &ldo dupenuévy 16 1z @
16 xel ©0 M, el ovx &6t ) E® tfj MN 3 avr, 6w
re: and tov AL, I'B uslfovd ot tov and tov Ad,
AB. dlda v and tov AAd, AB usltova Zoti Tov
olg vmd Ad, AB° moAig &g xol o amd vy AT,
I'B, tovtéer. ©0 EH, usitov dote tov dlg vmwo taw
20 Ad, 4B, tovréers tov MK' dere xel 7 EO tijg MN
usltov éotlv. 7 dga E® tj MN odx &6twv % adry
Onsg ¥0er Osibar.

1. Supra odppereor add. ¢ Fb. ¢ 84 — I'B] mg.

m. 1 P. 2 7] corr. ex 7¢ Vb, 7¢) supra scr. m. 2 F.
3. ovpperox b, et B, corr. m. 2; a- del, F. 4. TB
piwee V.. T'B] (alt) I" e corr. V.  &. loov dov/ P. 6.
dctv P. EH] Hinras V. 8, EO! "@'E F. slow P,
9. dvrz®aoww B, corr. m. 2. 10, &x] ¥x zav F. 11, doo
om, P,  dozlv P. 12. ®K b. 15. foriv) forar V. 7
supra ser. m, 1 F. 7] postea ins. F.  Gzt] éxetdrjmee Theon
(BF VD). 17. Mg. m. 1: yo. e 0% amo (rav 4, 4 F) Fb.
18. téy Ad FV. 19, zovtéory P. 20, tovréory P.  zo%)

e corr. V. MK] M seq. ras, 1 litt. B. 7] supra scr. m.

™
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XTI). uerum AT et AI"® 4 I'B® commensurabilia sunt;
nam AI', I'B potentia commensurabiles sunt. et
AI'><XTI'B, 2 AI'>XI'B commensurabilia sunt [prop.
VI]. quare etiam 4" 4 I'B? et 241" >< I'B incommen-
surabilia sunt [prop. XIII]. uerum EH = AT'* 4 I'B?,
OK =2A4I'><I'B. itaque EH, ® K incommensurabilia
sunt. quare etiam E®, ®N longitudine incommensu-
rabiles sunt [VI, 1; prop. XI]. et sunt rationales.
itaque E®, ON rationales sunt potentia tantum com-
mensurabiles. sin duae rectae rationales potentia tantum
commensurabiles componuntur, tota irrationalis est ex
duobus nominibus, quae uocatur [prop. XXXVI]. itaque
EN ex duobus nominibus est in @ diuisa. eodem igitur
modo demonstrabimus, etiam EM, MN rationales esse
potentia tantum commensurabiles. et EN, quae ex
duobus nominibus est, in punctis diversis @ et M
diuisa erit [quod absurdum est; prop. XLII], et E@, M N
eaedem non sunt, quod AI® < I'B®> 4.4° 4 4B2
uverum 4 42+ 4B > 2 4 4 >< 4 B.*) quare multo magis
AI*+T'B*>244>< 4B, hoc est EH> MK. quare
etiam E® > MN [VI, 1]. itaque E®, MN eaedem
non sunt; quod erat demonstrandum.

1) U. prop. LIX lemma.

1b. 21 peifor V, sed corr.  vj] wijs b. _Post mmy add.
7 EN doo éu dvo ovothmv xalovyew; nar’ &llo ual «ilo on-
peioy dwupsmu Omep dromov. odn apa éx 3vo uscaw dsvrépe
mxt &1l0 nal dllo onpsiov dicngeitar 7} na®’ ¥v pévoy F. 22,
Smeg #3ec deitou] om. BVD.

Euclides, edd. Heiberg et Menge. III. 9



130 ZTOIXEIQN /.

’

e’
‘H pellov xare 10 adtd pdvov onueiov deas-
oelrar.
"Eotw uslfov 7 AB dujenuévy xare 1o I', dore
5 vog AT, I'B dvvdus Govuuéroovs slver moiovdag ©d
utv ovpxsiusvov éx tov amd tov AT, I'B tergaydveov
énrdv, 7o & vmd vdv AT, I'B pésov Aéym, Ore 3
AB xat &ko onueiov 0¥ dwmgelrat.
E! yag dvvarév, duperede xal xere 0 A, dots
10 xel tag A4, 4B Svvdue dovpuérgovg elvar molov-
oag 0 udv ovyxelucvov & TGv and tdv Ad, AB §n-
v, 16 & VX adrdv péoov. xel émsl, ¢ Jdiagpipes
re and tov AT, I'B tédv and vév Ad, 4B, rodre
diaqpéger xal 1o Olg Vmo vdv 44, AB zov dlg Umd
15 tdv AT, I'B, dAda ta amd tov A, I'B 1av dnd
1y Ad, 4B Umegéyer ¢t nre pep augpdreon’
xal 10 Olg v tév A4, AB dga tod Olg VWO TBY
AT, I'B dmegéyer $nrgy péoe dvra' Gmep fotlv &0v-
varov. ovx dga 7 pelfov xat &Ado xal &Ado onusiov
90 Osargeitan” mata TO @vTd &Koo wovov Oaigsitar’ Omep
s dctbou.
ps’.
‘H ¢ntov xal péoov dvvapévy xad &v pdvow
onjuelor dearoslrad.
25 "Eote ¢nrov xal uéeov_dvvapévy 1 AB dunenuévy
xare ©0 I’y dote tag A, I'B dvvdper aovpuérgove

2. Supra 76 add. m. 2 xel & P.  Sigeitar
&ls w ovouata Theon ?BFVb) 5. I'B] supra scr. B. upra
motovong ser. xal m. 1 V. 6. AT] T'4 Fb; mg. m. 1 4B,
BI'b. TeTooydvmy] supra scr. o b, -wv in ras. V., 7.
éntog F. 84 BF. 9. xal] om. Theon (BFVb). 10. dv-

~
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XLV,

Recta maior in uno tantum puncto diuiditur.

Sit 4B maior in I ita diuisa, ut 4 I, I'B potentia
incommensurabiles sint efficientes summam 4 I"* - I'B?
rationalem, 4I">< I'B autem medium [prop. XXXIX].
dico, 4B in nullo alio puncto diuidi.

4 nam, si fieri potest, etiam in A diuidatur,

ita ut 44, 4B potentia incommensurabiles sint
4 efficientes summam A4% 4+ 4B* rationalem,
In Ad > 4B autem medium. et quoniam, quo

AI* 4 I'B® ab 44% + 4B? differt [prop. XLI
); lemma], eo etiam 2 44> 4B a 2A4AI' < IB
~B differt [efr. p. 122,10 8q.], et 4I'* 4+ I'B? excedit
AA4% 4- 4B? spatio rationali (nam utrumque ratio-
nale est), etiam 244 >< 4B excedit 24I'><I'B
spatio rationali, quamquam media sunt; quod fieri non
potest [prop. XXVI]. itaque maior non diuiditur in
punctis diuersis. ergo in uno tantum dividitur; quod
erat demonstrandum.

XLVL

Recta spatio rationali et medio aequalis quadrata
in uno tantum puncto diuiditur.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I" ita diuisa, ut 4T, I'B potentia incom-
mensurabiles sint efficientes AI'* 4 I'B* medium,

vépag P, corr, m. 1.  11. zdv ané] m. 2 V.  {§prav F.
12. 8 F.  drav P, corr. m. 1. 14. 76] corr. ex rod V.
17. ] z¢ V.,  20. omse #8er dsifou] comp, P, om. BFVD.
24, Post dicigeitor add. elg ta évopara Theon (BFVD), P

m. 2.

9*
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elvas motovoag TO udlv ovyxelusvov Eéx TGV amd TV

AT, I'B uéeov, 16 0% dig vmd veov AT, I'B ¢nrov:

Aéyw, Gti 1) AB nat &Ado onuciov oV Oougeitor.
E¢l yag dvverdv, dineriedm nel xera 10 4, @ors

5 %ol vog Ad, AB dvvdus: devpuérgovg Elver moLov-
oag 0 udv ovpnslusvov éx tdv amd tév AA, 4B
uéeov, t¢ 0% dlg vmo tov Ad, 4B ¢nrév. émel ovw,
@ Owagpéger to Olg vmd 1y AT, I'B tov dig Umd téw
Ad, 4B, vovre diepépst xal ta dnd vdv A4, 4B

10 7év dnd zév ATy, I'B, vo 0t dlg vmo taov AT, I'B
tov Olg Um0 vév Ad, AB vmeeéyer $qrdh, xel Tor
and v Ad, AB &g tov and tdv Ay, I'B im-
£0€yeL Onre péoe Svra: Omeg fotly advvarov. ovx dou
N nrov xol upéoov Svvaudvy xat &Ado xal &lio on-

15 peiov Oopelrar. xara &v &oe onuelov duowgeitar
onmeg ¥0eu Ostou.

uf.
‘H dvo uéoe Svvapévy xa® Bv pdvov 6-
pelov dcaigeiTear.

20 "Eotw [0¥0 uéee dvvauivn] vy AB dugenuévy xare
70 I', @ote tag Ay I'B dvvdue dovpuérgovg elven
zoovdag T6 Te Gvyxeiusvov éx twv dmd tév AT, I'B
uéoov xal 1o Omd vév AT, I'B péeov xal éti dovu-
peTgov T ovpxapufve & thv dn avtév. Adyw, St

25 7 AB xat &Ado onuslov 0¥ Sugsitar moLoUOe T
mQORELUEV L.

2. I'B] inras. V. €] 8’ B, avyxseluevoy éx zov V. /5]
om, Theon (BFVb). aSno’]Vcorr. ex ewo V. 3. Post iéym
rag. 1 litt. F. 4B gddsic V. 4. xal] om. Bb, postea add.
FV. 5. unef] supra scr. V. 6. dmwd oy — 7. ¢neov] in
ras. m. 1 F. 6. 4B] 4B, KZ b. 17, d¢] 6" BFb, 8t ovy-
nelpevoy én téy V.  84g] om. Theon (BFVD). 10. 8¢] om.

~
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2 AI'><I'B autem rationale [prop. XL]. dico, 4B in
nullo alio puncto diuidi. *

nam si fieri potest, etiam in 4 ita diuidatur,
ut 44, 4B potentia incommensurabiles sint ef-
1,4 ficientes 4 4% 4 4 B? medium, 2 4 4 >< 4B autem
I rationale. iam quoniam, quo differt 2 AI'><I'B
a2A44>< 4B, eo0 etiam A 42 4 AB*ab AT 4 I'B?
differt, 2 AT’ >< I'B autem 2 44 >< 4B excedit
spatio rationali, etiam A44% 4+ 4B? excedit
ATl'* 4 I'B* spatio rationali, quamquam media
sunt; quod fieri non potest [prop. XXVI]. itaque recta
spatio rationali et medio aequalis quadrata non diuiditur
in punctis diuersis. ergo in uno tantum puncto diui-
ditur; quod erat demonstrandum.

XLVIIL

Recta duobus spatiis mediis aequalis quadrata in
uno tantum puncto diuviditur. .

Sit 4B in I ita diuisa, ut 4I', I'B potentia in.
commensurabiles sint efficientes 4I'? 4 I'B® medium
et AT'><I'B medium et simul quadratis AI" - I"B®
incommensurabile {prop. XLI]. dico, 4B in nullo alio
puncto diuidi, ita ut proposita efficiat.

BYV. dlg doa V. 11, td; 76 P. 12. zav] (alt) corr.
ex r¢ m. 2 F. 14, onpeie P, corr. m. 1. 15. »a®” BF b,

word — 16. dsifar] m. 2 V. 16. dmeg &8s deifoe] comp.
P, om. BF. 17. p¢'] e corr. F, 18. 7 8vo péoe] in ras.
m. 1 F. 19, dwaesitar &ls 1o ovépara Theon (BFVD). 20.
dvo péoa Svvapévn] om. P.  28. xal ©6 — péeov] mg. m.
1 P, 7d] 10 ovyxslpevoy éx vav V. 24, 16 ovyreipéro]
ego; to ovynelpsvov PBFVDh.  Post adrév add. e (corr. ex
zo m. rec. P) ovyueme'vm (corr. ex -pevoy m. rec. P) #x 1w
o’ (corr. ex dn’ m. 2 V, dx’ b) adrdy (teroaydveoy add. b,
Fm 2) BFVh, P mg. m. 1,
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E! yag dvverdy, dupericdm ot to 4, ©6te mEAiw
Ondovit, iy AT v AR uy eivew vy edmijy, dide
usifove xad Umédeow vy AT, xal éuxeledo Gyry
% EZ, xel negafeplicdo mepe v EZ vols utv dxod
6y AT, I'B lsov 16 EH, 6 6% dlg vmo tdv AT,
I'B igov 70 OK* 8lov &gu ©0 EK loov éorl v dmod
tii¢ AB vergaydve. mdlw 01 mogefefiiode mapd
v EZ voig amd tov Ad, 4B loov 10 EA* Aomov
dgu 76 Olg vmo vdv Ad, 4B Aewnd 1t MK leov
dotiv. wel émel pédov Umdnsivaw TO Gvyneluevov éx
zév and tiv AT, I'B, uéeov dga éotl xal 10 EH.
nel mega ¢nriy v EZ magdxsiar gyre dee éotiv
7 OF xal dovpucrgog vij EZ wixer. 8iwa to avre oy
xel § ON ¢qurj éote xel devuppergos v EZ wijxer.
xol émel aovupstody doti TO oGupxeluevov x TV dmod
trov AT, I'B ©é dlg vmo védv AT, I'B, xal 76 EH
doo 163 HN aedupsrody éovwv' @ore xol 4-EO v
ON dovpucteig éomv. nal slov gnral” of EO, ON
doa gnqral slor Svvduer povov @vupstgor’ § EN dgo
éx 0vo dvoudrov éotl dimenuivy xeve vé O, Ouolwg
o9 Odeltousv, Ot el xava vo M dujonror. xol ovx
éoviv 7 E@ v MN 7 avri" 7 dpa éx dvo dvoud-
oV xet &Aho wol &Aho onuciov Oujenraw’ Gmep éovly
dromov. ovx Gea % O0vo péoa dvveudvy mer &Ado xal

5 &AAo enuelov Oougsitor xed &v dga udvov [onuslov]
Jwargeiro.

1. nol nave V. 3, nelofow P. 6. EK] corr. ex 6K
m. 2 P.  10. d6e/ BV, comp. Fb. 13. ®E] E6 P. 14.
dotev P. 16, 70 — 16. @) in ras. m. 1 F.~  16. 7] 10
cvynepdve Ex v (vod F) FVb.  845] supra ser. F. ~ owd
inras. ¥. TI'B] BI"F. EN b. 17. &ga] om. V. rrﬁ%
mut. in zér m. 2 V. HN)] &K BFb, ©K édea V. 18,
Zotv] comp. Fh, dore pojnae V. glowv PB. 19. slewy PB.
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nam, si fieri potest, in o ita diuidatur, ut scilicet
rursus 4 I', 4B eaedem non sint, sed supponatur maior
AL, et ponatur rationalis EZ,

4 g Me
i et rectae EZ quadratis AT+
| I'B? aequale adplicetur E H, rect-

1y apgulo autem 2 AI'>XI'B ae-

quale @K. itaque EK = A4B*

I } (II, 4]. iam rursus rectae EZ

quadratis 44% + 4 B? aequale

B Ty H K

adplicetur E 4. itaque quod re-
linquitur, 2 44 >< 4B = MK. et quoniam suppo-
suimus, AI'* 4+ I'B® medium esse, etiam EH me-
dium est. et rectae rationali EZ adplicatum est; itaque
@ E rationalis est et rectae EZ longitudine incommen-
surabilis [prop. XXII]. eadem de causa etiam @ N ratio-
nalis est et rectae EZ longitudine incommensurabilis.
et quoniam A" 4 I'B? et 2 4I'>< I" B incommensura-
bilia sunt, etiam EH, HN incommensurabilia sunt.
quare etiam E®, @ N incommensurabiles sunt [VI, 1;
prop. XI]. et sunt rationales. itaque E®, ®N ratio-
nales sunt potentia tantum commensurabiles. ergo EN
ex duobus nominibus est in @ diuisa [prop. XXXVI].
similiter demonstrabimus, eandem in M diuisam esse.
et E®, MN eaedem non sunt. itaque recta ex duobus
nominibus in punctis diuersis diuisa est; quod fieri
non potest-[prop. XLII]. itaque recta duobus spatiis
mediis aequalis quadrata non diuiditur in punctis diuersis.
ergo in uno tantum dividitur.

21, duepeiten V. 22. MN aea b. éx oy P, 28.
dvomoy dotiv V. 24. 5] corr.ex éx V. 26. Eva F. anpeior]
.om. P.
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“Ogot dsvtegor.

o . ‘Tmoxeaipévng gnrije xel wijg éx Ovo Svoudrov
duponuévng &ls vo Svdpare, 4g To welfov dvopa tov
dAdocovog weifov Ovvaror TG amd osvpusrgov fovry

b wijxer, éev pdv o wsifov Svope eVpucrgov 7 pixee
T éxnsiuévy $nr), xadelodw [§) 6An) éx 0vo dvoud-
TOY AT,

f. ‘Eav 0} 10 éAdocov Svopa evupctoov 1) wires

v} uxeusvy i, xadelodw éx 0vo dvoupdrov
10 Sevrépa.

y. ’Eav 0% undérsgov tév dvoudreov 6vuusrgov
7 wikes ©fj dexciudvy i, nedelodw éx dvo Svopd-
TV TolTy.

&. Hdiw 01 dov vo pettov Svopa [rod EAdedovog]

15 peifov SvvqTar ve amd acvuuitoov Sevey wixel, doav
udv to psifov Gvope 6Yppergov 7 wixes i drxsipdvy
onri}, xeldeladm éx dvo Sdvoudrov TeTrdor.

§. ’Eav 0t v0 &acaov, méumry.

§'. 'Eav 0t undéregov, Exty.

20 '
Edgetv tyv éx 0vo dvopdrov modty.
"Enxeio@wcay 0vo agudpol of A, I'B, @6t tov
ovynelusvor €& avrdv tov AB medg uiv vov BI" Adpov
e, Ov teTpdymvog dguiuds mEodg TETPHY@VOV dQL-
25 Budv, mpog 0% vov I'A Adyov uy &ew, Ov tevpdym-
vog dguBudg medg Terpdywvov doududy, xel éxxclede
1. Ggor Sevregor] mg. B, m. 2 V, om. F, pn’ b, numeros
om, codd. 4. fldtrovog BFb.  avdrj B, corr. m. rec.; et

supra ser. @ b; £ e corr. V. 5 wixerf (alt) om. V, m. 2 F
(eras.). 6. §nzf winer FV. 3 819] supra ecr. m. 2 P, 6iy B.

™
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Definitiones alterae.

1. Proposita recta rationali et recta ex duobus no-
minibus in nomina diufsa, cuius nomen maius potentia
minus excedit quadrato rectae sibi longitudine com-
mensurabilis, si maius nomen rationali propositae lon-
gitudine commensurabile est, uocetur ex duobus no-
minibus prima.

2. Sin minus nomen rationali propositae longitudine
commensurabile est, uocetur ex duobus nominibus se-
cunda.

3. Sin neutrum nomen rationali propositae longi-
tudine commensurabile est, uocetur ex duobus nominibus
tertia.

4. Rursus si maius nomen potentia excedit quadrato
rectae sibi longitudine incommensurabilis, si maius
nomen rationali propositae longitudine commensurabile
est, uocetur ex duobus nominibus quarta.

5. Sin minus commensurabile est, quinta.

6. Sin neutrum, sexta.

XLVIIL

Inuenire rectam ex duobus nominibus primam.

Exponantur duo numeri AI', I'B eius modi, ut
AB: BI rationem habeat, quam numerus quadratus
ad numerum quadratum, 4B autem ad I':4 rationem
non habeat, quam numerus quadratus ad numerum
quadratum [prop. XXVIII lemma], et exponatur ratio-

8. wijnes] om. V. 9. fnrj piwee V. 7§ 61y & F. 14,
tob élaceovog] m. 2 P, tov éldrroveg V.  15. evpuézgov BFD,
corr. m, 2. fevyjj] supra scr. @ b.  16. dvoue] om. V. 19,
Seq. schol., u. app.  20. p® F.  23. z6»] (prius) corr. ex
vdv V. 25, I'd] ras. V.
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g ¢nry ) A, nel v 4 obuustgog Fotw wixs n EZ,
dnryy oo dovl xol § EZ. xal yespovére og 6 B.A
deududs meds tov AT, oVrwg 0 amo vijg EZ medg
70 and vijg ZH. 6 0t AB moog vov AL Adyov ¥yse,
5 Ov ¢ududg mods dgidudv: xel T dnd tijs EZ dga
mpog T0 dmd tijg ZH Adyov &qa, ov deiduds meog
aoududy' dgre olpperody fom vo dmd tig EZ té
ano viig ZH. xal éore énqoy v+ EZ- ¢y &oo xel 7
ZH. =xal émsl 6 BA mpog vov AT Adyov ovx &ye,
10 Ov Terpdymvog dguiuds medg TeTpdywwvov deLdudy,
000t 10 amwo tijg EZ &oa medg T dmo viig ZH Adyov
Eyeu, 0V TETPAYOVOS AQLIUOG P0G TETREY@VOY dQLIUOY*
acvpusrgos e éovlv v EZ vij ZH wine.. of EZ,
ZH édoa ¢nral elor dvvaus uovov evupergor éx dvo
15 dga voudrov dotlv ) EH.

Aéyw, dve el moaTy.

‘Enel pig oty &g 6 BA agududg meog vov AT,
ottwg 10 dmo tijg EZ meog v amd thig ZH, pslfov
"0t 0 BA oo AT, psitov doa xal ©o amd tijg EZ

20 To¥ dnd vijg ZH. &otw oDv ve amd vig EZ loa ta
ano téov ZH, ©. xol énel doviv g 6 BA mpog tov
AT, odrwg 70 and tiig EZ medg ©0 émo tijg ZH,
avaoteépovty dou oty og 6 AB medg vév BT, ovrag
20 dnd tilg EZ meog ©0 o tijg @. 6 0% AB mpog

26 tov BI Adpov &yet, Ov Tergdymvog doududs meodg TeTod-
yavov agidudyv: xel ©o amd tig EZ dpe mpog 7o
amd vijs @ Adyov &geL, Ov TeTPdyavog &QLIudg mEdg
TeTedyovoy Goududy. ovupstgog &oa Zetlv 4 EZ tij

1. rig] supra ser. m. 1 V. 2. dorl xal] doriv B.

3.
AT} I'4 FVb. Dein add. deifucy V. 4. ZH] H eras. F.
6 8 — 5. dotduér] mg. m. 2 B, 5. 0v 6 F. 8 éouiv B

™



ELEMENTORUM LIBER X, 139

nalis aliqua 4, et rectae 4 longitudine commensura-
bilis sit EZ; itaque EZ rationalis est [def. 3]. et fiat
BA: A = EZ%: ZH*

Ay 1 6

E ‘ [prop. VI coroll.]. uerum
o z H AB: AT rationem ha-

y r B bet, quam numerus

f—t

ad numerum. itaque
etiam EZ*®:ZH? rationem habet, quam numerus ad
numerum. quare EZ2, ZH? commensurabilia sunt
[prop. VI]. et EZ rationalis est. itaque etiam ZH
rationalis est. et quoniam B.A:AI rationem non
habet, quam numerus quadratus ad numerum qua-
-dratum, ne EZ? quidem ad Z H® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,Z H longitudine incommensurabiles sunt [prop. IX].
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. dico, eandem primam esse.

nam quoniam est BA: AM=EZ"ZH® et BA>AT,
erit etiam EZ:>ZH? [V, 14]. sit igitur ZH® 4 6*
== EZ’. et quoniam est BA: AI'= EZ?: Z H? conuer-
tendo [V, 19 coroll] est AB: BI'=EZ?:0. uerum
AB:BTI rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam EZ?:@* rationem
habet, quam numerus quadratus ad numerum quadratum.
quare EZ, @ longitudine commensurabiles sunt [prop.

9. B4A] mut. in 4B V, o] postea ins. F. 14. ZH —
dvvdpe] m. 2 B. slow P. 15 &ee] m. rec. b. 17, 6]
in ras. m. 1 P. 4B F, ro (prius) supra scr. m. 1 P,

peifov F.  20. z¢] corr. ex 1:o 21. 4B P.  25. tdv]
om. BFb. BI'] I' supra scr. V. 2. EZ] ZE corr. ox
ZB F. 27. ©] seq. ras. 1 litt. F.
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O wixer: 3§ EZ &oo tiig ZH peifov dvvarar © dmd
ovpuérgov favrij. xal &loe fnrel of EZ, ZH, xal
ovpusteog § EZ tff A wijner.

‘H EH é&ge éx Vo dvoudtwv fovl moaty' Omso
&deL Osttau.

ud’.

Evestv Ty éx 0vo dvoudrmv devrégaw.

‘Exxelodwday 0vo dgiduol of AT, I'B, dere vdv
ovyxeiuevoy € avrawv tov AB mpog uiv tov BI' Ad-
yov &sw, Ov teTodymvog doududs medg TETQAY@VOV
agududy, medg 0t tov AL Adyov wy Eyew, Ov Tergd-
y@Vvog dgududs meog Tergdywvov dgududy, xal éxxela-
B0 gyry y 4, xal vij 4 eVppergog ot § EZ wimer*
¢nry) doa éotlv ) EZ. yeyovitw 01 xel og 6 I'A
agudpdg meodg Tov AB, obrwg o dmd i EZ medg
0 amo vijg ZH® obuuergov oo fotl tod awod vijg EZ
ve and vijs ZH. ¢nryy doe éotl xol v ZH. xol émel
6 I' 4 aoududg medg tov AB Adyov ovx &yel, Ov Tetpd-
povog doududs meds Tergayovoy agududv, o0vdE 7o
and tijg EZ medg ©d dmod tviig ZH Adyov &yes, v ta-
TodYyOVog GoLINUds mEos TeTEAywYOY GQLdUbY. doUvu-
pergog dpa éovlv WfEZ v ZH wixer' of EZ, ZH
doo $nral elor Svvaper pdvov evpusroor: éx dvo Fow
dvoudrov éetly 7 EH.

Adenréov 01, 6te xal devrépa.

2. sleiy PB. 3. dovppergos F, d- eras.; deinde add.
pijner, del. m. 1. Post pyxer del. dovppsreor m. 1 F. 4.
6meg #0z¢ Seifou] comp. P, om. BEVDL, 6. %" F, et sic dein-
ceps. 8. zov] corr.ex vo m. 2 V. 11. I'4 BVbh, 12
tetgayovos F. ~ 18. EZ] ZH BVb, inras. F, m, rec. P.  14.
énti — EZ] nal 1) ZH &oa o doruv F. EZ]) ZH BVb,

m. rec, P. yeyovérw O1f nel] xel foto V. 8¢ F, supra
scr. o7, 16. EZ] HZ ¥, et corr. ex ZH V, ZH Bb, P m,
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IX]. itaque EZ? excedit ZH? quadrato rectae sibi
commensurabilis. et EZ, Z H rationales sunt, et EZ, 4
longitudine commensurabiles.

Ergo EH ex duobus nominibus est prima [def.
alt. 1]; quod erat demonstrandum.

XLIX.

Inuenire rectam ex duobus nominibus secundam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus
ad numerum quadratum, ad 4I" autem rationem non
habeat, quam numerus quadratus ad numerum qua-
4+ _ _g _ dratum [prop. XXVIII lemma]. et po-
1 l ‘ natur rationalis 4, et rectae . longi-
.4 - tudine commensurabilis sit EZ; itaque
- ¢ EZ rationalis est. iam fiat etiam
LI I’'d: AB=EZ*: Z H® [prop. VI coroll.].
itaque EZ?, Z H® commensurabilia sunt
[prop. VI]. quare etiam ZH ratio-
nalis est. et quoniam I''4: 4B rationem non habet,
quam numerus quadratus ad numerum quadratum, ne
EZ? quidem ad ZH?® rationem habet, quam numerus
quadratus ad numerum quadratum. itaque EZ, ZH
longitudine incommensurabiles sunt [prop. IX]. quare
EZ, ZH rationales sunt potentia tantum commensu-
rabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. iam demonstrandum, eandem secundam esse.

~H

rec. 16. ZH] ZE BF Vb, m. rec. P; item lin. 17 bis, 20, 22.
16. EZ] HZ Bb, et corr. ex ZHV ZHF Pm.rec. 17 4otly B.
18. I'4] in ras. V. 19. 098’ dou Theon (BFVb). 20.

EZ] HZ BFV, et e corr. m. 1 b, 22. EZ] HZ Bb, P m.

rvec.; ZHYV, ZH' F. s b. 28. slowy B. 25. 8¢ P.
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‘Ensl pag avimallv detiv dg 6 BA aeiduds meog
tov AT, ovreg 16 dnd vijg HZ ngog ©0 dxd vijg ZE,
uetlov 0t 6 BA vov AT, psitov dga [xel] 70 amd
viig HZ tov ano vijg ZE. ¥ovw ©d and viig HZ i6a
Te and vév EZ, @ qvacreépavr. &pa éotlv dg 60 AB
meog tov BI', otrwg t6 amd vijs ZH meds 10 dmd
tijg @. &AL 6 AB mpdg tov BI' Adyov &xei, v Tevod-
y0VOg GEIdUlg TEOg TETQEYOVOY GQLIROV” xal TO dmo
77is Z H dga mdg 10 amd tijg @ Adyov &gee, ov vevgd-
yovog aoududs medg TeTAywvoy doLdudy. GUUWETEog
doa éatlv v ZH tjj @ pixe dove y ZH vijig ZE
ueifov dvverer e amd evuufroov favrf. xel elac
¢nrel of ZH, ZE dvvdust udvov ovuuergor, xal T
EZ &lacoov Gvopa tf] dxueiudvy ¢nry 6vpuctody fote
tij A winst. .

‘H EH &g éx 0Y¥o dvoudrov dotl devrépa Gmep
&er Oetbou.

7

v.

Evoetv tav éx dvo dvopdrtav rolryw.

"Exxelcdwcay 0vo dguduol of AT, I'B, dote tov
ovyxelpsvoy €E avrd@v tov AB meog wiv tov BI Ad-
yov Egewv, Ov tergdyovog dududs meo§ TETQEYMVOV
aoududv, meog 0 tov AT Adyov un &geww, Ov Tergd-
yovog deududs medg tetpdywvov doududy. éxxeledw
0¢ wig xal &Adog i tergdywvog deududs 6 A, xal
nog énavegov tév B A, AT Adyov py éyérem, ov te-

1. ABP. dadués] om.b. 2 HZ] EZ BFVb, m.
rec. P, item lin. 4 bis. ZE] ZH BFVb, m, rec. P, item
lin. 4, 11. 3. pelfov — AT'] mg. m. 1 P (peifov, sed corr.
m, 1). Bd] 4 e corr. V. xal] om. P. 5. EZ] HZ

BFVb, m. rec. P. 6] 7% bo (nmon ¥). 6. ZH] EZ BFVD,
m. rec. P, item lin. 9, 11 bis. 8. xa/ — 10. docFudr] mg. m.

™
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nam quobniam e contrario est [V, 7 coroll.] BA: 4"
= HZ?:ZE? et BA> AT, erit HZ?> ZE? [V, 14].
sit HZ® = EZ*® -} @ conuertendo [V, 19 coroll.] igitur
est AB: BI'=ZH": @ uerum A4B:BI rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque etiam Z H?®:@®*® rationem habet,
quam numerus quadratus ad numerum quadratum.
itaque ZH, ® longitudine commensurabiles sunt [prop.
IX]. quare ZH® excedit ZE® quadrato rectae sibi
commensurabilis. et rationales sunt Z H, Z E potentia
tantum commensurabiles, et minus nomen EZ rationali
propositae 4 commensurabilis est longitudine.

Ergo EH ex duobus nominibus secunda est [def.
alt, 2]; quod erat demonstrandum.

L.

Inuenire rectam ex duobus nominibus tertiam.
Exponantur duo numeri 4I', I'B eius modi, ut -
AB ad BI rationem habeat, quam numerus quadratus ad
numerum quadratum, ad 4 I"autem rationem non habeat,

A r B
|

E1+—— Ki—i At {
‘Z H (2]

quam numerus quadratus ad numerum quadratum. ex-
ponatur autem etiam alius aliquis numerus non qua-
dratus 4, et ad utrumque B 4, AI" rationem ne habeat,

1F. 12. slawv B. 13. EZ, ZH BF Vb, m. rec. P. 14.

EZ] ZH BFVb, m. rec. P. flerror BVD, comp. F. ovdp-

peteby fore vfj Theon (BFVD).  ovpuereov éore] om. Theon

(BFVY).  16. dmap £6er deifer] comp. P, om. BFVb.  20.

xelodocey, supra ser. éx, V. dvo] corr. ex of m, rec. P.
25. deududs] om. V.
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Tody@Vog AQIdudg TEds TETEAY@YOY agududy” xal éx-
xelodw g dnry evdete 3 E, xal ysyovire og 6 4
nog Tov AB, otrwg T0 ano tiig E medg T0 amd tijg
ZH* evpustgor doa éoti ©0 dnd tis E ¢ dmd tijg
5 ZH. xal éove ¢qryy 1 E° dqry doo dovl xal f ZH.
xel émel & 4 mgog tov AB Adyov ovx Exel, Ov Tevpd-
yavog aguiuds meds TeTedymvov deududyv, 0vo: To
ano tijg E meog ©o amod tijig ZH Adyov s, ov vergd-
pavog dgidulg mog TETEdYMVOY GQLBUCY" dovuueTgog
10 dpa Zotlv % E vf) ZH wixs. ysyovérw 01 maly og
7 BA aguduog medg tov AT, ottwg vo amd viig ZH
xpdg 10 amd tig HO* ovupergoy dga dorl ©o dmd
vig ZH ©¢ and tig HO. ¢nry 8t 4 ZH" o) dge
nel 7 HO®. xal énsl 6 BA mog ©ov A Adyov odx
15 &ye1, OV veTQdywvog dgLduds TG TETEOYYOY AELIUSY,
008t ©0 anxd rijs ZH mgdg ©6 amo vijg OH Aidyov
&eL, Ov TeTdyovog deLduds MEOG TETQAYWVOV dQL-
Pudy doduuergog &ou fotlv % ZH = HO wixse.
of ZH, HO® dpo ¢nral &lar dvvduer uovoy OUuueroos”
20 7 ZO® dga éx dvo ovoudrov detiv.

Aéym 81, ovv xal Toly.

Enel ypoo éotiv ag 6 A medg tov AB, olrmg T
and tiig E mpdg ©6 dmd vijg ZH, og 62 6 BA meodg
tov AT, ofrwg o damd i ZH medg tod dmd wijg

25 H®, 8 loov dga dorlv dg 6 4 nedg tov AT, olrwg
0 amd tijs E meds vo amd rvig HO. o 6% 4 mog
70v AT Adyov ovx &xsi, Ov rerpdymvog aoLduds meog
rergdyavoy dgududv: o0t o amo vig E &pa medg
©0 and vijg HO Adyov &yer, Ov tevpdyovog agidudg

2. ¢l m.2F. 3. ti ZHbL. 4. 16 —B5. ZH](prms)m
2 B. 5. nal dove gnrn] Snry 0é B.  fosiy B. 10. 3¢ V.
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quam numerus quadratus ad numerum quadratum; et
ponatur aliqua recta rationalis E, et fiat 4: 4B =
E*:ZH? [prop. VI coroll.]. itaque E*®, ZH?® commen-
surabilia sunt [prop. VI]. et E rationalis est; quare
etiam Z H rationalis est. et quoniam 4:4 B rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne E*® quidem ad Z H* rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
E, Z H longitudine incommensurabiles sunt [prop. IX].
iam rursus fiat BA: 4" =Z H?: H®* [prop. VI coroll.].
itaque ZH®, H®*® commensurabilia sunt {prop. VI].
uerum ZH rationalis est; itaque etiam H® rationalis
est. et quoniam B.A: AT rationem non habet, quam
numerus quadratus ad numerum quadratum, ne Z H*®
quidem ad H®® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, H® lon-
gitudine incommensurabiles sunt [prop. IX]. quare
Z H, H® rationales sunt potentia tantum commensu-
rabiles. ergo Z® ex duobus nominibus est [prop.
XXXVI]. iam dico, eandem tertiam esse. nam quo-
niam est J: AB=FE*:ZH?® ¢t BA: A'=Z7ZH*: H®?,
ex aequo [V,22] erit 4: A= E?: HG®® verum 4: AT
rationem non habet, quam numerus quadratus ad

11, B4] 4B’ F. 1év] om. B. 14, I'4 F. 16. OH]
in ras, V, HO F. 18. dotly] éorl wal F. ZH] e corr. m, 2
(ex HZ?) V. zjjl m.rec. P. @HF. 19 HO) inras. V.

elow B. 20. éoz{ BV, comp. Fb. 22, og] supra scr.
m. 1 F. 23 ZH) HZF. B4] ABP, 4B' F. 24. 16v]
om. P. AI'] corr. ex 4B m. 1 F. 26. H®) Z& P, corr.
m. rec, (euan.). 28. teroayovos F, corr. m. 1.

Euclides, edd. Heiberg ot Menge. III. 10
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YOG TETQUYOVOV GQLIUCY" aoVuusTog deu doTly 7
E ©5j HO pijxer. xal émel dotiv &g 6 B.A meog tov
AL, olreg 10 and vijs ZH mgog ©0 amd vijs HO,
usitov dga o amd vijs ZH vov amo vijg HO. é6rte
ow 16 axd vijg ZH ioe e émd vdv HO, K dva-
oroépovrs dga [Zotlv] g 6 AB meog tov BI, otrmg
70 and tijg ZH mpog ©o6 amd zijg K. 6 68 AB mpog
zov BT Adyov éyer, Ov terpdymvog doududs meog Te-
Todyovoy agidudy’ xal ©o awo tig Z H dpa mpog 1o
ano tiig K Adyov &ger, ov tevodpmvos deidudg meds
TeTpdyovoy doududy: avpuergog doe [éotiv] 4 ZH i
K wixe.. 1 ZH éGoa tijg HO ueifov Svwarar t¢ amd
ovupéroov favtfj. xel elow of ZH, HO ¢qral dvva-
per uovov GUUuETEOoL, xal 0vderégn aUTGY GURWETEOS
dove ) E pajxes.

‘H Z® &go éx 0vo dvopdrwv éovl velry® Omep
£0s detar.

’

ve',

Eboeiv vyv éx dvo dvoudrtov terdoTny.
‘Exxslodacav dvo ¢oudpol of A"y, I'B, dere tov
AB mpog tov BI Adyov ui &xav wajre uqv meog vov
AT, ov sergdywvog agiduds medg Terpdywmvov dgi-
Dudv. xal éuxelodw dnry n A, el vy 4 ovupsrgog
dovw wixe n EZ* gnre doa dorl xal ) EZ. xal pe-
yovére og 6 B.A dgiduds meog tov AN, ottwg o
and vijc EZ meds ©0 amd vijg ZH* evpuergov &oo
1. éor/»] m, 2 F, om. B. 8. réj (alt.) om. b. 4. 77
(alt.) om. b." 6. fgztw] om. P.  7dv] om. Fb. 11 deriy
om. BFVb. 12, &l m. 2 V.  dvwarar] -ve- in ras. P.
13. dovppérgov F, corr. m. rec.; ¢- supra ser. Fm. 2. H®

doa V. 15. doev B. 1t} E fouv F. 18, tolzn) corr. ex
¢nty m. rec. by énuip F, mg. ye. relrn m. rec, omee &d¢t
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numerum quadratum. itaque ne E® quidem ad H®*
rationem habet, quam numerus quadratus ad numerum
quadratum. quare E, H® longitudine incommensura-
biles sunt [prop. IX]. et quoniam est BA: AT =
ZH?:HG®?, erit ZH?*> H®® [V, 14]. sit igitur
ZH?®=H® 4 K2. itaque conuertendo [V, 19 coroll.]
AB:BI'==ZH®: K. uerum 4B:BI rationem habet,
quam numerus quadratus ad numerum quadratum. quare
etiam ZH?: K? rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, K longi-
tudine commensurabiles sunt. itaque Z H? excedit H®*
quadrato rectae sibi commensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
neutra rectae E longitudine commensurabilis est.

Ergo Z6 ex duobus nominibus tertia est [def. alt. 3];
quod erat demonstrandum.

LI

Inuenire rectam ex duobus nominibus quartam.
Exponantur duo numeri AT, I'B eius
modi, ut 4B neque ad BI"neque ad AT ratio-
4 nem habeat, quam numerus quadratus ad nu-
merum quadratum {prop. XX VIII lemma]. et
=~ |, ponatur rationalis 4, et rectae 4 longitu-
T - dine commensurabilis sit EZ. itaque EZ
__9 rationalis est. et fiat BA: A'=EZ*:ZH*
~H [prop. VI coroll). itaque EZ* ZH? com-
mensurabilia sunt [prop. VI]. itaque etiam ZH ra-

-4 ~ TE

N

|
™

dsikou] comp. P, om. BFVb.,  21. vo» BI'] éxdregov avrov
Theon (BFVb). BI'] corr. ex AT m. 1 P.  pyjre — 22
AT] om. Theon (BFVD). 24, doriv B. 25. B4] 4"B' F.

coududs] om. V. r4 F.  26. odppergog P, corr. m. 1.

10*
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éori ©0 amo tijg EZ vg amo vig ZH' ¢nry) Goa éorl
el 1 ZH. xal émel 6 BA mpog tov AL Adyov odx
éyeL, Ov Tergdpavog douduos medg TETEAy@VOY AQELY-
uov, ovdt to dnd vig EZ modg to amd v ZH
Abpov Eyger, Ov TeTodywvog doLduds mEOS TETEEYWVOV
douducy’ asvupergog dga éerlv v EZ vjfj ZH wixe.
af EZ, ZH ago ¢yral elor Svvapst pdvoy evupergor’
dare 7 EH é 0vo dvoudrav dotiv.

Aéya 01, oTv xal veTdgry,

‘Encl pdo doriv dg 6 BA mgdg tov AT, otrwg 1o
and viic EZ mog v0 amd vijg ZH [ueifov 6t 6 BA
tov AT'], peifov dga 70 axo tijs EZ tov émd tijg
ZH. %oto ovv v and vijg EZ l6a ve dmd vdv ZH,
@ avagroépavr, dpa og 6 AB agduds medg TOV
BT, otrwg 76 amd vijg EZ mgds ©0 dmd tijs @. 6 O
AB moog tov BI' Adyov odx &1, Ov TeTgaymvog dgLd-
pos meog TETQeymvoy agududy' o008 dea 1O amd
viig EZ mpdg ©d amd tiig @ Adyov Eyer, Ov Terodym-
vog GQLduOs TQO§ TETEEYOYVOV dELdudy. dEVUWETQOg
doo Zaviv § EZ vff ® uijxerr 7 EZ &ga vijg HZ
petoy Ovverer vé amd dovupsroov favry. xal eloiy
aof EZ, ZH ¢nral Ovvapse povov GUUUETQor, xoai 1
EZ ©jj 4 ovupereds dote pnxer.

‘H EH &ga &t 0vo dvopdrov fotl tevdgry” Omsp
£0er Oceibau.

1. Post Z H add. gnrn 6% (seq. ras. 1 litt. F) 4 EZ b, m.

2 F.  $ney dea] 1 EZ dnry e V m. 2, §nrij donr &eu b.
dot(] om. b gau’v PB. 2. xaf] (prius) om. BFb,  B4]
AB P, oix] postea add. m. 1 F. ~ 6. zfj] tijs b. 7. eloww B.
8. ot/ BV, comp. Fb, 9. Gq'% supra ser. m. 1 P, xaf]
m. 2 F. 10. BA] corr. ex AB V.  zov] om. Bb, corr. ex
t6 m. rec. P, 11. pelfoy — 12, AT] mg. m. 1 in ras. P.
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tionalis est. et quoniam B A : AI' rationem non
habet, quam numerus quadratus ad numerum quadra-
tum, ne EZ® quidem ad ZH? rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,Z H longitudine incommensurabiles sunt [prop.IX].
itaque EZ, Z H rationales sunt potentia tantum com-
mensurabiles. quare EH ex duobus nominibus est
[prop. XXXVI].

Jam dico, eandem quartam esse. nam uoniam est
BA: A= EZ®:ZH?, erit EZ*>ZH? [V, 14]. sit
igitar EZ? = ZH?-- @ itaque conuertendo [V, 19
coroll] AB:BI= EZ*:®® uerum AB:BI rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne EZ? quidem ad ©® rationem habet,
quam numerus quadratus ad numerum quadratum.
quare EZ, @ longitudine incommensurabiles sunt [prop,
IX]. EZ? igitur excedit ZH® quadrato rectae sibi in-
commensurabilis. et EZ, Z H rationales sunt potentia
tantum commensurabiles, et EZ, 4 longitudine com-
mensurabiles sunt.

Ergo EH ex duobus nominibus est quarta [def.
alt. 4]; quod erat demonstrandum.

11. BA] 4 e corr. V. 12. z7¢] (prius) om. P. 13, =&}
w0 F, 16. rév] om. BFb. 18. @] ©®4b.  20. doriv] om.
Fb. doa] om. F. tﬁgJ corr. ex =i V. HZ] corr. ex
ZHV,EHPF, 21. ovppéreov b, corr. m. rec., et F, corr.
m. 2. favry pixee F. 24. omse #0z1 Osikar] comp. P,
om. BFVb.
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vf.

Evgeiv v éx 0vo dvopcrov méumryw.

"Exxelodocoey 0vo agiduol of ATy, I'B, dore vov
AB mdg éxdrsgov evthv Adpov uy Eyxsw, Ov TeTea-
yovog aoududs meds Terpdyavoy deududy, xel érxel-
6d0 gnri) g evdela § d, xol v 4 ovuucrgos Eotw
[uijnet] § EZ° noy ége 4 EZ. nol peyovére ag 1:)
I'4 mpog tov A B, otreg 10 dxd vijg EZ mpdg o dmo
vijg ZH. 6 0t I'A mpdg tov AB Adyov odx &yal, ov
TETQUY@mVOg GQUIUOS TEOg TeTEdywVOY AQLiudy’ ovdE
10 and vijs EZ dgo medg 10 and tijg ZH Adyov &z,
0V TeTQayVog agLudg meids TETEUY@YOY GoLdudY. af
EZ, ZH &g ¢nval elor dvvaper pdvov ovuusrgor
éx 0o dpa Svopdrwv éoriv 5 EH.

Aéym 01, Ot xal mépmry.

’Enel ydo iemw og 6 I'd mgog tov AB, ofrag
ro amd tig EZ mpdg 16 and vijg ZH, avdmaliv g 0
BA medg 1ov AT, ovrwg ©d amd rijg ZH medg ©d
and vijg ZE- usifov éoe 1o dmd tijg HZ vov dmd
tiig ZE. éotw odv 1 anod vijg HZ loa vo amd tav
EZ, @ dvaoroépavr. dpo dotlv og 6 AB doidudg
neog tov BI', ofrwg ©0 amd vy HZ modg 10 amd
7ijis ®. 6 8¢ AB meog tvov BI' Adyov ovx &ye, Ov

3. zov] corr, ex ¢ V., 7. wixer] om. P, EZ] ZH
Theon (BFVb), HZ m, rec. P. nen Goe §) EZ] dnryy dee
7 ZH V, mg. ¢nvr 7ij e HZ m. 2. EZ] ZH Theon (BFD),
HZ P m. rec. 8. EZ] Z post ras. 1 litt. V, ZHF, HZ Bb,
P m, rec. 9. ZH] ZE Theon (BFVb), m. rec. P. Deinde
add. odupszeoy &oo dotl 76 dmo vijs HZ 16 dmwo tijg ZE- §nrp
doo dotl wel 5 ZE. nal éwel Theon (BFVD), P m. rec. (ZH
pro HZ). 04] om. Theon (BFVb). év] om. BFb. 11,
7ig] (prius) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P.

&ow] om. B. meos 76 dnc] m. 2 B. ZH] P, ZE BFVb,

™
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LII.

Inuenire rectam ex duobus nominibus quintam.
Exponantur duo numeri 4I', I'B eius modi, ut 4B
ad neutrum rationem habeat, quam numerus quadratus
ad numerum quadratum [prop. XXVIII lemma], et
ponatur recta aliqua rationalis A, et

e "~ rectae 4 commensurabilis sit EZ. itaque

Ip |4 i EZ rationalis est. et fiat

i z I'd: AB=EZ*:ZH*

P [prop. VI coroll]. I'4 autem ad 4B ra-

-B _ tionem non habet, quam numerus qua-
L H dratus ad numerum quadratum. itaque

ne EZ*® quidem ad ZH? rationem habet,
quam numerus quadratus ad numerum guadratum.
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles [prop. IX]. ergo EH ex duobus no-
minibus est [prop. XXXVI]. :
iam dico, eandem quintam esse. nam quoniam est
I'dA: AB=EZ*:ZH*®, e contrario-[V, 7 coroll.] est
BA:A'=ZH?:ZE®? itaque HZ*> ZE*® [V, 14].
sit igitur HZ® = EZ? 4 6% itaque conuertendo [V,

m. rec. P. 12. terpdymvog F, corr. m. 1. cfudy] m.
2 V. Deinde add. devuuergos doo dotly ) HZ tj ZE (vfj ZE
om, V) pixee b, mg. m. 1 F, m. 2 V. 18 &loww PB. = 14.
dea]l om, P. EH] He corr. m 1b. 16. #e{] m. 2 F.

17. EZ] P; HZ BVb, P m. rec.; ZH F. ZH] P, ZE
BFVh, P m.rec. Ante dg add. doe m.rec. P. 18. odzag]
om. BVb, ZH} P, EZ BFVb, P m. rec. 19. ZE] P,
ZH BFVb, P m. rec, Dein add. 6 ¢ B4 0% AT uelfov
(corr. ex peifov) fovl V; peitov (pelfov m. rec. b) 8% 7o (6 m.
rec. b) BA zob AT b, in ras, F.  ueifov &pa] sustulit rep.
in F. dox %6t/ V. 6] m. 2 F. HZ)} P, EZ BFVb,
P m, rec.; item lin. 20, 22. 20. ziig) om. P.  ZE] P, ZH
BFVb, P m. rec. 7] supra scr. m. 1 b, postea add. m. 1V,
corr.ext6 Fm.1. 2i. EZ] P, HZ BFb, m. rec. P, in ras. V.
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TETRdyvog doLduds meds Terpdywvoy agududy: 0vd
doa 10 ano tijg ZH mpdg 10 amd tiig @ Adyov ye,
0V TeTQiywvog deiduds TEOS TETEEYOVOV GQUIUCY.
aevuusrgog doa Zoriv v ZH v @ wixer' @ore 3
5 ZH vijg ZE pettov dvverer 16 &mo dovgufroov éav-
vj. xel elow of HZ, ZE $yral dvvduse pdvov evu-
uergor, xal 10 EZ Elattov Svopa olpucteov fati th
Suncipdvy O v 4 pixe.
‘H EH dpa éx 0Vo dvoudrov 61l méumty” Omeg
10 &0&L Osikou.
vy
Edgetv vnv éx dvo dvopdrov Exryv.
‘Exxeiodaoay Vo agudpol of AT, I'B, Gore tov
AB mpog éxdvsgov avrov Adyov uy Egaw, Ov Tered-
15 yovog aeiduds meds Tergdymvov agududy Eotwm Od
xel Eregog deLduocsg 6 4 un tevedywvog @y undt meog
éndrsgov tov BA, AI iéyov &ov, Ov tergdywmvog
dgududs medg Tergayovov agducy: xel dxxeledw Tig
¢y evdela 1 E, xol lpeyovétm og 6 4 medg tov
20 AB, ovtwg 1o awd tijg E meds to dwd vig ZH' evyu-
uergov &ealtd énd tiig E ¢ amd viig ZH. xal done
ey 1 E° dmry deo xal § ZH. xal émel ovx Eye

1. Tetodywyor] cOrr. ex retedywvog m. 1 b. 2. ZH)] P,
EZ BFVb, P m. rec.; item lin. 4, b. O] ras. 1 itk V.
4. éotiv]) om. BVbh, 5. ijs] corr. ex tij Vb, ZE)] P,
ZH BFVb, P m. rec. ovppévoov F, corr. m. 2. 6. eloe V
comp. Fb. e«f] m. rec. P. «of HZ ZE] om. FVb; afEZ
ZH supra scr.m. 2 B. 7. EZ] P, ZHB Vb, HZ m.rec. P.
9. Omep #8e Oeikon] comp. P, om, BFVb. 13, 4I'] 4,
seq. ras. 1 lith,, F.  z6»] corr. ex vé6 m. 2 B. 16, prjre P,
17. B4] supra scr. 'm. 1b, 4B F et V, sed corr.’ Eyew
.V, sed corr. 18, xa{] m. 2 F. 20. ovtcog nel V. odp-
pergog Theon (BFVDL), P m. rec. 21. &¢ éoetw FV. 16—

™
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19 coroll.] 4B:BI'= HZ?:®. uerum AB:BI ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne ZH® quidem ad @
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, @ longitudine incommensura-
biles sunt [prop. IX]. quare Z H? excedit Z E* quadrato
rectae sibi incommensurabilis. et HZ, ZE rationales
sunt potentia tantum commensurabiles, et minus nomen
EZ rectae rationali propositae 4 longitudine commen-
surabilis est.

Ergo EH ex duobus nomlmbus est quinta [def.
alt. 5]; quod erat demonstrandum.

LIII.

Inuenire rectam ex duobus nominibus sextam.

Exponantur duo numeri 4I', I'B eius modi, ut
AB ad neutrum rationem habeat, quam numerus qua-
dratus ad numerum quadratum, sit autem etiam aliug
numerus 4 non quadratus neque ad alterutrum B4,
AT rationem habens, quam numerus quadratus ad
~4 - < numerum quadratum {prop. XXVIIIlemmal;
[ 4 |g et ponatur recta rationalis E, et fiat
et ] 4:4AB = E*:ZH®
‘ 7Z ©  [prop. VI coroll]. itaque E%, Z H® commen-
lg _  surabilia sunt [prop. VI). et E rationalis est;
K itaque etiam Z H rationalis est. et quoniam

+~H .
4 : 4B rationem non habet, quam numerus
quadratus ad numerum quadratum, ne E*

- quidem ad ZH? rationem habet, quam nu-

ZH)] % E 7jj (v¢ dand viis P) ZH Bmtap,u Theon (BF VD), P
m. rec. ?a-m' B. 22 éwe(]m. 2 B, om. F.
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6 4 mgog 1ov AB Adyov, Ov TeTQayaveg GQLIWUOS
mEOg TETEAY@VOY CQUBUdY, ovd: O dmd tij¢ E dga
modg 10 dmo viig ZH Acyov e, ov teroaymvog agi-
Budg medg verpdymvov dguiudy’ aovupuergog Epa 4
E v} ZH pijxer. psyoviro 0 mddw og 6 BA medg
rov AT, oPrwg v0 axd g ZH medg ©o and vijg HG.
ovupergov &oo td amd tig ZH t¢ amd g OH. ¢1-
T0v doo vo amd tig @H' ¢nry doa ) OH. xal émel
6 BA mgog tov AT Adyov ovx Exe, Ov reredywvog
doududg medg TeTgdywvov dgududy, 0vdE 7o amd tig
ZH mgds 6 amd tijc HO Adyov &ye, 0v terpdymvog
aguiuds meog TeTeaywvoY ALY dovpuetgog dga
dotlv vy ZH ) HO winer. of ZH, HO doa ¢yral
slor dvvdusr povov ovpustgor’ éx 0vo dpo dvoudrav
dativ 7 20O,

dsnzéov 01, Ove nal Exry.

’Enel pdg éotv mg 6 A meog tov AB, olrws o
and tijg E moog to amd tig ZH, Zovi 0% xal dg 6
BA mpog tov AT, odrwg ©6 amd vijs ZH meds to
ano vijg HO, 80 leov doa dotly dg 6 4 medg vov AT,
oltwg ©d amd tig E mpdg ©o axd vijg HO®. 6 0 4
1o0g tov AT Adyov ovx &yel, Ov Teredywmvog dgiduodg
nQog TETQAYOVOY aQidudyv: ovd: 10 dmd vijg E dox
moog 0 axd tig HO Adyov &g, ov verpdywvog doud-
1og 7eog TeTEdy@VOY deLiudy” dovupstgog doe éotiv 3
E ) HO wins. 0ely®y 8% xal v5) ZH devuucrgog:
éxarépe &oo tidv ZH, HO dovupsredg ot i) E wijxst.
nol émel domy &g 0 BA medg tov AT, ovramg to amod
tij¢ ZH mgdg ©6 and vijg HO, pelov doa vo amd vijg

7. dovpperpoy F, sed corr. ©OH] in ras. V, HO Fb.
Deinde add. §ntév 8% 16 dxo viic ZH Theon (BF VD). 8. o
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merus quadratus ad numerum quadratum. itaque E,Z H
longitudine incommensurabiles sunt [prop. IX]. iam
rursus fiat BA: 4= ZH?: H®® [prop. VI coroll].
itaque ZH*, @H*® commensurabilia sunt [prop. VI}.
itaque ® H® rationale est; quare @ H est rationalis. et
quoniam B A4: AT rationem non habet, quam numerus
quadratus ad numerum quadratum, ne ZH?® quidem
ad H@* rationem habet, quam numerus quadratus ad
numerum quadratum. itaque ZH, H® longitudine in-
commensurabiles sunt [prop. IX]. quare ZH, HO ra-
tionales sunt potentia tantum commensurabiles. itaque
Z® ex duobus nominibus est.

iam demonstrandum, eandem sextam esse. nam
quoniam est J: AB=E*:ZH* et BA: A'—=ZH*. H®?,
ex aequo erit [V,22] 4: 4'= E®: H®®. verum 4: AT
rationem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne E? quidem ad H®?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque E, H@® longitudine incommensu-
rabiles sunt [prop. IX]. demonstrauimus autem, etiam
E, ZH incommensurabiles esse. itaque utraque ZH,
H® rectae E longitudine incommensurabilis est. et
quoniam est B4: A'=ZH*: HG?, erit ZH*> HG?
[V, 14]. iam sit ZH®= H®* 4 K2 quare conuertendo
[V,19 coroll.] erit 4B: BI'==Z H®: K®. verum 4 B:BI”
nal Theon (BFVb). m:n — O@H]mg V. HOP 9
BA) 4B" F. 10. 00d¢] 098’ dow FVDb, odx dea B. 4]
za F.  14. gloew B, 18. forv B. 19. BA] 4B P. el
0] m. 2 F.  23. 0934] 098" &ee Theon (B¥VD).  doa]
om. Theon (BFVb).  26. HZ F. 27. fxarége — E]l 9 E
Goa énatéoy tév ZH, HO doriv devpusrgos V.  &ea] supra

ser. F. 28 ovtmg] om. b, m. 2 B. 29. Post HO add.
peltoy 0t 0 AB tov AL V.  peifov] bis F.
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ZH ot amd vijg HO. #otw odv o dmd [vijg] ZH
o te dnd tov HO, K avaovoépavr, dga ag 6 AB
noog BI', otrwg vo dmo ZH modg 0 and viig K. 6
0t AB modg tov BI" Adyov ovx &ypsi, Ov vergdyavog
aududg mog vergdywvov deududv: dore 000 TO
and ZH moog td and tijg K Adpov &ys, 0v vevooyw-
vog dibuds mEdg TETQEYOVOY doLdudy. dEVuWETEOS
doa éovlv 4§ ZH vfj K wixe® v ZH dga vijg HO
peifoy Ovvarar T@ amo aovpuérgov favry. xel slow
of ZH, HO ¢nrel dvvdps pdvov evuucrgol, ol ov-
detdoe avrdy ovupergds ot unxes vf éxxewudvn
oneii =i E.

"‘H ZO® dga éx 0vo dvopdrwv dorly &ty Omeo
£z deikar.

Ajppea.

"E6rew 0vo revodywva ve AB, BI' xal xel6dwdov
oot énx evdeleg slvow Ty AB v BE' i svdeloag
doa fotl xal 1f ZB v BH. xal ovumewineaedo 7o
AT mogadiniddypappov: Aéyw, Ot Tevpdpaviv fome
©0 AT, xol 8tv tév AB, BI' péoov avadoyov éori o
A H, xal v vidv AT, I'B péeov dvadoyov dave 10 AT

‘Enel pag lon éotlv v pdv 4B vjj BZ, 3y 0¢ BE
vij BH, 0y doa %y AE oAy vf; ZH éouv lon. Ak
75 utv AE éxevége tdv A0, KT éorw lon, 5 08 ZH
énatépe tov AK, OI domwv ion xal éxoréga &oo
v A0, KT éxarépe tov AK, O éovww lon. (oo-
nlevpov Hga éotl 10 AL magalinidygapuov: Eori 0%
xal dpBoyaivior: terpdymvov &ga éotl 1o AT

1.ZH] ZO® b. 7] om. P. t7ig] om. Pb. 8. za»

Brv. igZHPFV. 4. meos tov BI'l mg. m. 1 P. 6.
tiis ZH FV. 7. devpustex P, corr, m. 1. 9. ovu-
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rationem non habet, quam numerus quadratus ad nu-
merum quadratum. quare ne ZH® quidem ad K?*
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, K longitudine incommensura-
biles sunt [prop. IX]. itaque Z H® excedit H®® qua-
drato rectae sibi incommensurabilis. et ZH, H@®
rationales sunt potentia tantum commensurabiles, et
neutra earum rationali propositae E longitudine com-
mensurabilis est.

Ergo Z® recta ex duobus nominibus est sexta [def.
alt. 6]; quod erat demonstrandum.

Lemma.
Sint duo quadrata 4B, BI” et ita ponantur, ut 4B,
BE in eadem recta sint. itaque etiam ZB, BH in
r eadem sunt recta. et expleatur paral-

H
K]
A_f lelogrammum AI. dico, A" quadratum
4 5B esse, et 4 H medium esse proportionale
L ’ o inter 4B, BT, et praeterea 4" medium

4 z esse proportionale inter AI', I'B.
nam quoniam-JdB=BZ BE=BH, erit JE=HZ,
uerum JE=A0@=KI', ZH=A4AK=0TI [I, 34].
quare etiam
A@=KI'=AK=@61I.

pézgov F, corr. m. 2. fave] uiner P, 11, adrov] Tav

ZH, H® Theon (BF Vbh). ouv P. dyusipivyp F. 12,

El]EHb, Hadd. m. 2 F. 13. 9] om. b. 31t£g ?6&:, deifar)

comp, P, om, BFVb. 18. dotlv B. 19. 6zc 0 AT V.
dory P. 20. w0 AT'] om. V.  3w] & BF, supra scr.

8 m. 2. 21 douw P. 22, ZB B. 24. Post fon del.

ail’ 3 pitv AE Eworépg m. 1 P. HZ BFV., 2.TI0Y.
doa] om. b.  26. A@ll A4 postea add. V.  27. deuiv P.
fouiy PB. 28, doziy P.
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Kal énel éotwv og 7 ZB mpdg tqv BH, ovrag 4
4B mpdg v BE, ¢AX g piv § ZB mog v BH,
obtwg 10 AB meds ©0 AH, wg 0t 7 4B meos v
BE, ottwg 16 4H medg v6 BI, xal g &pa 10 AB
nog ©0 AH, ovtag 16 4 H medg ©0 BI. zév AB,
BI" dpa péoov dvdiopdv éet 16 AH.

Aéyw 01, 61t xal tav AT, I'B uééov avaloydv
[éote] 0 A4T.

’Ensl ydo demwv wg ) AA mgog Ty AK, otrag
7 KH mpdg vy HI™ len ydo [ovv] éxavépa éxaté-
oo’ nal 6vvdévi g 7 AK mpog K A, ovrwg § KI'
ngog I'H, a¢Al g pdv % AK mpog KA, otrag
0 AT mpog 160 I'd, ag 0t 7 KI' mpog I'H, otrwg
10 AT mpog I'B, xal og doe 6 AL mpds AT, ob-
twg t6 AT npog ©6o BI. zav A, I'B dga péeov
avdaioydy éori 10 AT & mgoéxerzo detbar.

vd'.

’Eev ywelov megLégnrar vmo ¢nTis xal vijg
éx dvo dvopdrwv medTNg, 1) TO yw@lov dvva-
uévy aloydg éotiv % xadovudvy éx 8vo dvo-
peTOY.

Xwglov pag 10 AT meguegéodm vmd $yrtjs ijg
AB xal g éx 0vo Svopdrav mewrng i A4 Aéyw,
0te 5 10 AT yoglov Svvauévy &ioyds éotwv 1) xadov-
pévy éx 0vo dvopdrmv.

8. v BE — 6. BI'] postea ins. m. 1 F. 4. oz B, <z']
m.2F. 16 BI'| corr. ex zjp B’ m. 2 B. 6. o¥tw B, 6.
&oo] om. b. 8. éom] om. P. 10, 7j»] om. BFb.  Zdouy
om. P.  éxatége] om. P. 11 tjpv K4 V. 12. mpw 'H V.

wiw K4 V. 18, wjw TH Y. 14. t6 I'B V, seq. ras.
1 litt. 4rlzo ra v, 15. AT} IT'4d V. 26 BI'] BI"
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itaque parallelogrammum AI" aequilaterum est; est
autem idem rectangulum. ergo A4I' quadratum est.

et quoniam est ZB: BH=4B:BE, et ZB: BH=
AB:4H, AB:BE = A4H:BI' {VI, 1], erit etiam
AB: dH= 4dH: BI. ergo 4H medium est pro-
portionale inter 4B, BI.

Iam dico, 4I" etiam medium proportionale esse
inter 4T, I'B.

nam quoniam est A4:JK = KH:HI' (nam
utraque utrique aequalis est), et componendo [V, 18]
AK:KAd=KI':TH, est antem AK: KAd=AI':I'4,
KI':TH=AdI:I'B, erit etiam AI': 4= AT:BT.
ergo A I medium est proportionale inter 4I', I'B;
quae propositum erat demonstrare.

LIV.

Si spatium recta rationali et recta ex duobus no-
minibus prima comprehenditur, recta spatio aequalis

y HE Z quadrata irrationalis est ex duo-
bus nominibus, quae uocatur.

B T Spatium enim AT recta ra-

tionali 4B et recta ex duobus

___13_,111 nominibus prima 4.4 compre-

M| N——:,ﬁ: hendatur. dico, rectam spatio

| * AT aequalem quadratam ir-

|| rationalem esse ex duobus no-

< 0 minibus, quae uocatur.

B, I'B Fb. 16, &] omee Theon (BF VD). Post deifar
add. 0> :p==P. 18 7ijs] m. 2 B. 22, yweloy — 25. évo-
pdroy] mg. m. 1 F. 22, 4T} ABI'd Theon (BFVD). 23.
AB) A4 F.
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'Emsl yog éx 0vo dvopdrav éotl modty n A4, duy-
onModw &l 1o dvdpara xara o E, xel fotw vo ueifov
Svoua 10 AE. qovegdv 61, v of AE, EAJ ¢nrel
elor dvvdust ulvov 6Vpuetpor, xal 9 AE vijg Ed
uelfov dvveror T dmod Gupurgov fevefj, xel § AE
oVpucTeds €0ty Tij dxnewpsvy Onrh) v AB prxel. Te-
Twijodw 0y ) Ed 8lya xate té Z onuciov. xal émel
1 AE vijg Ed usitov dvvarer T3 damo Gvppérgov
foavrf], dav Goa T TeTdoTE WiQeL vov amod vig EAde-
60v0g, TOUTéoTL 16 Ao tiig EZ, ldov mage Ty pelfove
v AE magafindf éideimov elde. tevgaywre, &g
ovuucrge adriy Ouupel. magafsfiicdo ovv maga
v AE ©¢ énd tiig EZ igov ©o vmo AH, HE' 6vu-
uergog doo fovly 7 AH vfj EH pijxe.. xel fydocay
amo vaov H, E, Z omorépe vdv AB, I' 4 mapdiinios
of HO, EK, Z A" xal 1§ utv 40 mogpaiinloyecpue
loov tetpdymvov evveerdtm to EN, vg 02 HK leov
10 NII, xal xslodw dove éx ebdelog slvar vy MN
tfj N5 én ed@slag dpa éotl %ol § PN 7jj NO. xal
ovuneningwede vo X II mepailnidygauuov’ TeTge-
yovov &oo éotl vo XTI xol émel vo Umo vév AH,
HE leov éoti ve amd vijg EZ, Sonwv dpa dg § AH
neog EZ, otrwg ) ZE meog EH' xal g e 10 A®
n9os EA, 10 EA mpos KH' tav 4@, HK &ga péoov
avdioyov éot ©o EA. dlda 1o uiv A@ leov ferl

2. E] e corr. m, rec. P. 8. 8] corr. ex 8¢ B. 4.
elawy P, dovuuergor F, sed corr. 5. dovpuérgov b, sed
corr.; in F supra add. ¢-m. 2. xe/Jom. P, EA4F. 1.
o] 8¢ V. 8. dovpgéreov b, sed corr, 9. tevdgra] 4”7 b.

tov] zde B. tijs] e corr. V. 12. ovupereoy P.  diély
Vb, duétne corr. in deedei F, duedsi B. Dein add. pixes V. 18
vné rov FV. HE] H® P, 14. AH] He corr. m. 1 V.
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nam quoniam 44 ex duobus nominibus prima est,
in E in nomina dinidatur, et maius nomen sit 4E.
manifestum igitur, 4E, E4 rationales esse potentia
tantum commensurabiles, et 4 E* excedere E4* qua-
drato rectae sibi commensurabilis, et 4E rationali
propositae 4 B longitudine commensurabilem esse [def.
alt. 1]. iam E4 in Z puncto in duas partes aequales
secetur. et quoniam A E? excedit E 4% quadrato rectae
sibi commensurabilis, si quartae parti quadrati minoris,
hoc est quadrato EZ? aequale maiori 4E adplicatur
parallelogrammum figura quadrata deficiens, eam in
partes commensurabiles diuidit [prop. XVII). adplicetur
igitur rectae 4E quadrato EZ? aequale 4H >< HE.
itaque 4 H, EH longitudine commensurabiles sunt. et
ab H, E, Z alterutri 4B, I'4 parallelae ducantur
H®, EK, Z 4. et parallelogrammo 4® aequale qua-
dratum XN construatur, et NIT = HK (II, 14], et
ita ponantur, ut MN, NJF in eadem recta sint; quare
etiam PN, NO in eadem sunt recta. et parallelo-
grammum X JT expleatur; itaque XIT quadratum est
[u. lemma). et quoniam est 4H >< HE = EZ}, erit
AH: EZ = Z7ZE: EH [VI, 17]. quare etiam

A@:EAd=EA: KH [V], 1].

EH] HE inras. V. 156, Him. 2 F, A4B] 4 eras. F.

I'd] in ras. V, B4 F, 4" B. 16, EX] E postea ins. m.
1F.  ZA] mut. in 4Z V, 4Z BFb. magallyliyeappoy P,
corr. m. 1. 17. ZN] X corr. ex E BFb. 18. xeloBaoar V.

MN] corr. ex N m. 1 F.  19. édetév B. NPP. 20.
ZM] corr. ex EJII B, item lin. 21. 21. %] 26 V. AHE b,
et corr. in AH, EHm. 2V, AH F, et B, corr. m. 2. 22,
] 0 V. 2B.meos vy V. ZE) EZP. EH)] up H,
apte H ras. 1litt. V. 24. meos 70, seq, ras. 1 litt,, V. E4]
Eerms. V. 0 KHV. dpa)] postea add. m. 1 P.

Euclides, edd. Heiherg et Menge. IIL 11
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v EN, ©0 68 HK loov vg NII' vév EN, NII éoa
péeov avdaloydv éove ©0 EA. i6r. 0t tdv avrév Tév
ZN, NII yéoov avdioyov xai 16 MP: i6ov doa éoti
t0 EA 16 MP: dore xal t60 OF loov éoviv. é6te %
xel e AO, HK voig N, NII l6a" Siov doa ©6 AT
toov dotiv 0Ae te XII, tovréer: ¢ amd tiig M ve-
roayave: v0 AT doo Ovverer 7 ME.

Aéyw, ove 7 ME éx 0vo Svopdrwv éotiv.

"Enel yag ovuuergds éovvv § AH vij HE, 6vuuc-
190g éove xal 1) AE énavépe tiv AH, HE. {moxs-
tow 0t xal ) AE tfj AB ovppscreog” xal of AH, HE
doa tf} AB evupcrpol clow. xal fote ¢nryy n AB-
vy doa dotl xal éxarépe vov AH, HE' ¢nrov &oa
éotly éndregov tov A0, HK, xoi éot. 6vuueroov 1o
A® v HK. dlie t0 udv 4O tg ZN loov deriv,
t0 08 HK t¢ NII' xal ta ZN, NII dpa, tovréen
16 axd v MN, NE, ¢nra é6t xal ebuuerpa. xal
émel dovpperpds éotiv ) AE tfj EA pixe, €Al %
utv AE vy AH éov avpuetgog, n 0t AE i} EZ
avppergog, aovuuergog doe xal § AH v EZ° dore
xal 10 4O v EA dovpperody fotv. arda 1o plv
A® © EN dorwv ioov, v0 0t EA 19 MP' xal 1o
ZN édpe 19 MP devpucrgov éotw. @Al og 1o EN
W(bi% corr. ex EN B, item lin. 3, 5. 2. EA]
corr. ex Am. 1 F.  Zouw PB. 3. doudv P. 4. 76] corr.
ex v m. 1 P. MP 1¢ EA Theon (BFVDL). d&ore xal zd]
dlle 6 ptv MP 16 OF (corr. ex 5O V) loov dorl ({ocly B)
10 6t EA(EJ F) w0 ZT', 8iov dpx o EI tois MP Theon
(BFVDb). 1] corr. ex véd m. 1 P, Zoziv] postea ins. m.
1F 5. EN, IIN F. 6. Tovtéouy P, 9. AN T, corr.
m. 1. HE]corr.ex EHm. 2V, E"H' F. 10. EA éxazé-
ewvF. 11 odppeveos — 12. 4B] (privs) mg. m. 1 F. 11, xai]

pixee xafV, Bm.2. af] % EF,inras.B. EHP. 12. elos
V,comp. Fb. édomw B. "13. éoriv PB. 14, dotiv] detinal V.
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itaque EA medium est proportionale inter XN, NII.
uerum etiam MP inter eadem XN, NII medium est
proportionale [u.lemma). quare E4=MZP. itaque etiam
E A=0£[],43). uverum etiam 4@+ HK=3N-+ NII.
quare totum?') 4I'=XZ11= M5 ergo MJF quadrata
spatio AI" aequalis est.

dico, M5 ex duobus nominibus esse. nam quoniam
AH rectae HE commensurabilis est, 4E utrique rectae
AH, HE commensurabilis est [prop. XV]. supposui-
mus autem, etiam AE, 4B commensurabiles esse.
quare etiam AH, HE rectae 4B commensurabiles
sunt {prop. XII]. et 4B rationalis est. itaque etiam
utraque 4H, HE rationalis est. quare etiam 4O,
HK rationalia sunt [prop. XIX], et 4@, HK commen-
surabilia. uerum 4@ = XN, HK = NI]I. itaque etiam
ZN, NII, hoc est MN?, N5 rationalia sunt et
commensurabilia. et quoniam A E, E 4 longitudine in-
commensurabiles sunt, et 4E, 4H commensurabiles,
et 4E, EZ commensurabiles, 4H et EZ incom-
mensurabiles sunt [prop. XIII]. quare etiam 4® et
E 4 incommensurabilia sunt [V, 1; prop. XI]. uerum
A® = EZN, E4A = MP. quare etiam XN, MP in-
commensurabilia sunt. est autem EN: MP==ON: NP
[VI, 1]. itaque ON, NP incommensurabiles sunt

1) Nam E4=Z7T.

15. ZN] corr. ex EN B, item lin. 16. 16. domv loov V.
dot/ PBb, comp. F. 16. zd] =6 F. NII d¢e] 76 NII F.
17. dovppsroa B. 18. aile Bb. 19. AH] corr. ex
AB V. EZ] EZ é6u V.  20. na/] éouv V. ~ Post EZ
add. pjxer Vb, m. 2 B. 21, dorw] om. BFb, 22. TN
NX F.
11%



164 STOIXEIQN /.

wdg MP, 7 ON mgds tqv NP+ deduuergog &pa éotlv
% ON tfj NP. ioy 8¢ % uytv ON vfj MN, 7 6t NP
tij NE&* dedpuergog dpa Zotlv ) MN tvjj N5 xal
dori 10 amd tiig MN ovpucrgov g dnd tijg N, xal

5 Onrov éxdregov' of MN, NJE éoa nral slor dvvduet
povov evuuergol.

‘H ME dga éx 0vo Svoudtov forl xal Ovvara
10 AT Omep &der detfar.
ve'.

10 Eav ywelov megiéynrar vmd dnrijs xal tijg
éx 0vo dvopdrwv dsvrégag, 7 TO gwelov dv-
vapévy &loydg é6tiv ) xalovuévn éx dvo ué-
OV TEWTY.

Ieguegéodom yap ymolov ©6o ABI'A vmo dnrijs

15 tijg AB xal tig éx d¥o dvoudrev devrépag tiig A"
Mya, ot 5 10 AT yoplov Oduvauévy éx dvo uéewv
nowty foTiv.

’Enel pag éx 8vo dvoudrwv dsvrépa dativ 1 A4,
dipgiiode &g Te dvduata xata to E, dere to peifov

20 Ovopa elver 10 AE' of AE, EA &ga $nyral &l dv-
vape uovov evuusteol, xal v AE tijg EA ueifov 00-
verar Te dmd evuuéreov fevti), xal Td Elavrov Gvoue
7 Ed ovuperody éove ti] AB wijxsi. verunodw 9 EA
dlye xave 6 Z, xol 1 dnd vig EZ leov maga Ty

25 AE mogafeflijeBao éidsimov &ide vergaywve TO VRO
tév AHE" ovppetpog Goa ) AH vjj HE wixe. xel

1.2 MPV. oftwgn V. jv] om. BFb, MPF.
domiv &g F, 2. PN P. NMP. 4 tij) (prius) om. Fb,
m.2B. NE] MEF. 5. slev B. 6. povovor P. 7. éx]

% #x Pb. 12 éx] 5 éx b.  14. Post yao del. é B. 18.
yoe} om. Fb, m."2 B, 20. AE] (alt) E4 P, corr. in 4
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[prop. XI]. wueram ON = MN, NP= NJj. quare
MN, N[ incommensurabiles sunt. et MN32, N5*
commensurabilia sunt, et utrumque rationale. MN,
N& igitur rationales sunt potentia tantum commen-
surabiles.

Ergo M5 ex duobus nominibus est [prop. XXXVI],
et ME® = 4I'; quod erat demonstrandum.

LV.

Si spatium recta rationali et recta ex duobus no-
minibus secunda comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duobus mediis prima, quae
nocatur. -

Spatium enim 4 BI'A rationali 4B et recta ex
duobus nominibus secunda 4.4 comprehendatur. dico,
rectam spatio AI" aequalem quadratam ex duobus
mediis primam esse. .
nam quoniam 44 ex duobus nominibus secunda
est, in E in nomina dinidatur ita, ut 4 E maius nomen
sit. itaque 4E, EA rationales sunt potentia tantum
commensurabiles, et 4 E? excedit E4® quadrato rectae
sibi commensurabilis, et minus nomen E.A rectae 4B
longitudine commensurabile est [def. alt. 2]. iam EA
in Z in duas partes aequales secetur, et quadrato EZ?
aequale rectae 4E adplicetur 4 H>< HE figura qua-
drata deficiens. itaque 4 H, HE longitudine cohmen-
surabiles sunt [prop. XVII]. et per H, E, Z rectis
AB, I'4 parallelae ducantur H®, EK, Z A, et paral-

m, ree. &low PB. 21 7 E4] mg. m. 1 P. 22, flaccoy
PJ comp. F. 23. 4B] 4 ins. m. 1 F. 24. T3] corr. ex
tom 1F. 25 1w]wV. 26 4H, HE V e corr.
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dia ©dv H, E, Z mogdalindo: fy8wcav tals AB, I'd
of HO, EK, Z A, xal © utv 40 mogudinioyedupe
loov rerpdywvov ovveetdto to XN, ¢ 8t HK lsov
terpayovoy 1o NII, xal xel6dw dove én’ s08slag slvor
tqv MN tfj NE' éxd e0delog Goa [éotl] xal § PN
i NO. xal ocvumeminpwedw 10 ZII tevpdywvov:
pavegov 07 éx Tov mpodedsiyudvov, 6t 10 MP uicov
avddoydv éove thv EN, NII, el lsov 16 EA, nal
01t 10 AT ywgiov dvvarar 1) ME. Odaxréov o1, Om
1 ME éx 800 uéoaw dorl mpdry. émel acvpuerods
dorwv ) AE v} EA s, 6vuuergog 0t 4 EA v
AB, acvupetgog dox | AE i} AB. xol dmel ovpus-
tods éotwv | AH 5y EH, evpuetpés éote xal v AE
énarége vov AH, HE. clde 7 AE dovpucrgos v
AB wixer xel of AH, HE é&po dovpustgol &lov ti
AB. of BA, AH, HE &ga ¢nrol elor Svvdust udvov
ovupstooL: dote uéoov dorly Exdregov tév A0, HK.
@ote xal éndregov tav EN, NIT uéeov fovlv. xal
of MN, NE &po péoar elotv. xal émel ovpuergog 4
AH ) HE pixet, ovpucrpov éote xal ©o AO v HK,
rovréore 10 EN v6 NII, rovréore to amd tijg MN
1. I'd] BI, T'd P, corr. m. 1; 4" Bb. 2. ZA4] mut. in

AZ V, AZ Fb. 8. Post rerpaymvoy del. t6 NII m. 1 P,
EN B, sed corr. 5. N5] mut. in NZ V.  4oz/] om. P,
ortv B. 8. NIIJIINF ef in ras. V. 9. ME] MN, N&
corr. ex MN5E V; mg, m. 1 yo. MN, NX b. 3: V. 10.
wéooyF, corr. m. 1.  émel yao F.  12. &ee] oo xef V,
doa dortv F. Post AB add. prjxee V, m. 2 B.  éxz(] om. P.
13. EH] HEF. {ouv B, 14, aldd — 15. nal] xel done
(oiv B) 3 ) 7 AE* $nr dea nol fxetégu tov AH (AE F),
HE. ol émsl aovppsveds éotv 77 AE 1j; AB, ovppsroog O
1) AE fxavéeq tdv AH, HE, xoi (om. B) 'I”‘heon (BF ‘}‘b). 15.
doe] m. 2 F, ovpuezgor BF, sed corr. glow PB. 16.

Post 4B add. gijxge m. 2 B.  B4] om. P. slow B, 18.
46t/ PV, comp. Fb. 19, el V, comp. Fb.  Ante % add.
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4 HE Z lelogrammo 4® aequale con-
struatur quadratum XN, par-
i allelogrammo HK autem
N1, et ponantur ita, ut M N,
b NE& in eadem recta® sint;
itaque etiam PN, NO in
eadem sunt recta. expleatur
quadratum XII. tum ex iis,
| quae antea demonstrata sunt

z 0 [prop. LIII lemma], adparet,
MP medium esse proportionale inter XN, NIT et
= EA [p. 162, 1], et esse ME® = AT [p. 162, 5].
iam demonstrandum est, M5 ex duabus mediis primam
esse. quoniam AE, E4 longitudine incommensura-
biles sunt, et E4, 4B commensurabiles, 4E, 4B
incommensurabiles erunt [prop. XIII]. et quoniam
AH, EH commensurabiles sunt, etiam AE utrique
AH, HE commensurabilis est [prop. XV]. uerum
AE, AB longitudine incommensurabiles ‘sunt. quare
etiam A4 H, HE rectae 4B incommensurabiles sunt
{prop. XIII]. itaque BA et 4H, HE rationales sunt
potentia tantum commensurabiles. quare utrumque 46,
HK medium est [prop. XXI]. quare etiam utrumque
Z N, NIT medium est. itaque etiam MN, N5 mediae
sunt. et quoniam 4 H, HE longitudine commensura-
biles sunt, etiam 4@, HK, hoc est XN, NII siue
MN¢?, NE? commensurabilia sunt [VI, 1; prop. XIJ.
et quoniam AE, EJ longitudine incommensurabiles
sunt, et 4E, 4H commensurabiles, et E4, EZ com-

dotv BVb, m. 2 F.  20. xai 70 40] eras, V. 1] = P.
MK F, corr. m. 2.
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T amo g N5 [dore dvvaus slol avppustgor of MN,
NE). xal émel dovpperods dovv 1) AE ti} EA wixe,
aAl 7 ptv AE ev¥puetpdg ot v AH, 1 0t EA vjj
EZ evpusrgog, aovpuctgog doe 1 AH tfj EZ* dore
xal 70 A® 6 EA dedpuereov éorw, tovréers 6o EN
6 MP, tovtésrww 1) ON 15; NP, vovtéoniv v MN
vfj N5 aevppereds ot prjxe. €0:lydnoav 0% el MN,
NE xal péeae ovear xal duvvdus cdppstoor: af MN,
NE dgo uéoar el6l dvvauer uovov ovuppergoi. Aéyw
81, Ore nal gnrov megiéyoverv. émel pag n AE vmo-
xevon énavépa tov AB, EZ ovpuctpog, GUMUETQOS
doo xel 9 EZ vy} EK. xal ¢nry Sxarépe avrdv: §n-
Tov dpa 10 EA, tovtéer. v6 MP* ©6 68 MP éon o
o tov MNE. éav 0t d¥0 péear Ovvapsr povov
CUupETQOL CVVTERMGL fnTOV mEQLELOVEXL, 7 OAN &loydg
dotiv, nadsivar 0t éx Ovo uéowv mewTy.

‘H égoe M éx 0vo pésov éovl moarn: Omep &de
dsttou.

’

6.

Eav yoglov meoiéymtar vmod gnrig xal Tig
éx 0¥0 dvoudrev zToitng, §) TO jWelov dvva-
uévy &ioydg dotiv 7 xedovudvy éx 8vo pécwv
dsvrépon.

Xwglov yag 10 ABI'A mequeyéodw vmd Gnyriig Tijg
AB xol tiig & 0¥0 dvopdrov teltng vijg A4 dimen-
uévng elg e dvdpare xare vo E, owllusifdv éore 1o

1. dore — 2. N5] om. P.  &ove xel F, sed corr. 8.
¢ild V. . 4, odppustgog] om, FVbh. acvupstgog] corr. ex
cdppetgog m. 2 F. 5. dovppergog F, corr. m. 2.  édous BV,
comp. Fb. ZN] corr. ex ENB. 6. NP]inras. V. 7.

domv P. 8. Suvdust povor V. ol — 9. gvppereor] mg.
m 2 V. 9. slelv B. 10. 4E] in ras. V.  11. 4B] corr.
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mensurabiles, 4 H et EZ incommensurabiles sunt [prop.
XIII]. quare 4@, EA, hoc est N, MP, incommen-
surabilia sunt, siue ON, NP, hoc est MN, N5, lon-
gitudine incommensurabiles [VI, 1; prop. XI]. demon-
strauimus antem, MN, N5 et medias esse et potentia
commensurabiles. itaque MN, N5 mediae sunt po-
tentia tantum commensurabiles. iam dico, easdem
spatium rationale comprehendere. nam quoniam sup-
posuimus, 4 E utrique 4B, EZ commensurabilem esse,
etiam EZ, EK commensurabiles sunt. et utraque
rationalis est. quare EA, hoc est M P, rationale est
[prop. XIX]). uerum MP= MN > NE. sin duae
mediae potentia tantum commensurabiles componuntur
spatium rationale comprehendentes, tota irrationalis est,
uocatur autem ex duabus mediis prima [prop. XXXVII].

Ergo ME ex duabus mediis prima est; quod erat
demonstrandum.

LVL

Si spatium recta rationali et recta ex duobus no-
minibus tertia comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duabus mediis secunda,
quae uocatur.

Spatium enim 4 BI'4 comprehendatur rationali 4 B
et recta ex duobus nominibus tertia 44 in nomina
in E diuisa, quorum maius est 4 E. dico, rectam

ex EBm, rec. . EZ] in ras. V. odppereos] om. F. 12,
o dot/ P. EZ] mut. in ZE V, ZE P.  13. rovréonv P.

14, MN, N5 V. povor] om. BFV. 15. ovvreBdow
PB. 3] m2F. 16 dorr V, comp. Fb. 17. ME] MHZ,
del. Z, F.  dor{]m. 2 F. 24 §yrig] supra scr. F.  25.

vlzng] supra ser. F. 26, &»] ov w6 P.  forw BFD.
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AE" iéyw, Ote §) 10 AT yoplov Odvvaudvy &loyds
doTiv 7 nedovuévy én O0vo péowy dsvrige.

Koveonevdadm poe 1o avte Ttolg modrsov. xal
énel én 0vo Svoudrov éetl toity 1§ AAd, of AE, EA
doo ¢nrel sler dvvaus udvov evpuctpor, xal % AR
vijg EA psifov dvvarar v¢ amd ovppéreov favry, xal
ovderépa tdv AE, EA 6vupctods [éoti] vfj AB urjxec.
ouoiwg 07 roig mpodedeiyudvorg dslbousv, ote ) MS
éoznv n ©6o A ywelov Svvauévy, nal af MN, N5
péoar eloi duvdust udvov ovuustos: deve 1 ME éx
Yo pfoov foriv.

dewnzéov 07, ove %ol Osvrépa.

[Kol) énel aovpuerods doviv ) AE vij AB wijxee,
rovtéar. tf) EK, ebuuctgog 0% 5y AE 5y EZ, dodu-
usrpog doo éotlv ) EZ 15 EK wixer. xel &lor ¢qral:
of ZE, EK #ga $nral elor dvvaps povov 6vpusrgoc.
uéaov coe [éotl] v0 EA, vovréer. vo MP: xal megué-
getar vmo tov MNJE: uéoov &pa derl td vmo rév
MNE,

‘H M5 é&oo éx dvo uéoav dorl devrdpn: Gmeo #se
dsitou.

1. 7)] supra scr. m. 1 b, 3. uawouwaoﬂm Vb. yoe]
8¢ V. 6. elow P. Post 4E del Ed doa énuu' glowy m.
1 P. 1 éor] om. P. 8. zoig neorepov d2dsypévorg Theon
(BFVb) 7] m. rec. P, 9. 7] postea ins. F. sl Ot
of BFV. 10. slelv B. @ MZF] MZ FV. 11. ozl BV,
comp. Fb.  18. xe/| m. 2 BF, om. Vb, éasl odv V. 15,
EZ ZE P. EK]EHP. 16 elow PB.  17. dov(] om.
BFVb.  rovtéeomv P. 18. MN, N5 b. péooy — 19,
MNZE] mg. m. 2 F. 20. M.:;]MN add. & m. 2 B; MN 5
FVb.  «@p«] supra ser. m. 1 F. éctt] om. P, 8meq £z
dsifar] om. BFVD.
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spatio 4I" aequalem quadratam irrationalem esse ex
duabus mediis secundam, quae uocatur.

Comparentur enim eadem, quae antea. et quo-
niam 44 ex duobus nominibus tertia est, 4E, EA

4 HE 7 rationales sunt potentia tan-

tum commensurabiles, et
AE? excedit E4? quadrato
rectae sibi commensurabilis,
I et neutra rectarum AE, EA
rectae 4B longitudine com-
mensurabilis est [def. alt. 3).
iam eodem modo quo antea
demonstrabimus, esse

z 0 M,‘E2 = Al

[efr. p. 162, ], et MN, N5 medias esse potentia
tantum commensurabiles [cfr. p. 166, 10 sq.]. quare
MJ5 ex duabus mediis est.

iam demonstrandum est, eandem secundam esse.
quoniam AE, 4B, hoc est 4E, EK, longitudine in-
commensurabiles sunt, et 4E, EZ commensurabiles,
EZ et EK longitudine incommensurabiles sunt [prop.
XTIII). et rationales sunt; itaque ZE, EK rationales
sunt potentia tantum commensurabiles. quare E_,
hoc est M P, medium est [prop. XXI]. et rectis MN,
N5 comprehenditur. itaque MN >< N5 medium est.

Ergo M5 ex duabus mediis secunda est [prop.
XXXVIIT]; quod erat demonstrandum.

r

-]
@
=
N
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vf.

Edv ywelov megiéynrar Umd $nrije xal tijg
éx 8vo dvoudrev Tetdoryg, 1 T ywelov Svva-
pévy €doyds é6viv n xadovuévy pelfwv.

Xwglov yap ©0 AT megueyéedm vmd Gnrije tijs
AB xal tijg éx dY0 Svopdrev terdgryg vig Ad duy-
enuévng &l T Svdpare xave to E, ov pstfov foro
160 AE" Aéyw, 8vv 1 10 AT ywelov dvvauévy &ioydg
dotiv 1 xadovudvy pelfov.

Enel pag 1) Ad éx 8¥0 Svopdvov éovl Terdgrym,
af AE, EA &g ¢nral eloe dvvdpes uovov 6vuusrooc,
xel ) AE tijig EA psifov Svvarar t6 and dovpuérgov
tavrj, xal ) AE tf) AB ovuusteds [éo1e) pijxer. ve-
tuiedw n AE diya xave v Z, xel v¢ dno vig EZ
leov mege v AE magafefiiodo nmapalinidypaupov
10 vwd AH, HE' aevppsrgos dgo deriy 7 AH g
HE wixe.. fydwoav megdiinlo. vj AB of HO, EK,
Z A4, xol te Aoime va avta Tolg WO TOUVTOU PEpOvET®
povepdy 01, 6t n 10 AT ywelov dvvapdvy éotly 7
ME. dexvéov 01, Ove ) ME &loyds domv 1 xadov-
pévy pelfov. émel devupsteds éovw 7 AH v EH
el aovupetedy éotu xol td0 A6 vg HK, toviéer:
10 EN v NII' of MN, NE &ga Odvvape elolv

2. meouégerar P. 4. peito V, sed corr. 8. )] om. Fb,
AE P.  ywelov 5 Fb.  10. ertv P.  11. elaww P.  12.
vig] tf b.  t¢] corr. ex 76 V.  ovupéreov, a- add. m. 2,
BFbD. 13. don] om. P. 15, AE] supra 4 sex. 4 b, E in
ras. V. 16. vmo tav V. AH] corr. ex AEm. 1 F.  17.
EH V. 18 Z4] in ras., seq. ras. 8 litt. V, Z in ras. m. 1 B.

loiwd] supra scr, V.  zd] om. FV. adrd] om. F. 21
ovpuetoog I, corr. m, 2. édoriv] om. B. 22, tovréomizeon: P,
corr. m. 1.  28. zg3] corr. ex 76 FV.  d&pa] om. b.  elsl

ovppsrgor V, corr. m. 2,



ELEMENTORUM LIBER X. 173

LVIL
Si spatium recta rationali et recta ex duobus no-
minibus quarta comprehenditur, recta spatio aequalis
quadrata irrationalis est maior, quae uocatur.
Spatium enim AI" rationali 4B comprehendatur
et 44 recta ex duobus nominibus quarta in E in
nomina diuisa, quorum maius sit 4 E. dico, rectam
spatio A I' aequalem quadratam irrationalem esse
maiorem, quae uocatur.
nam quoniam 44 ex duobus nominibus quarta est,
AE, E A rationales sunt potentia tantum commensu-
4 HE Z rabiles, et 4 E? excedit E4*®
Bl quadrato rectae sibi incom-
© r

mensurabilis, et 4E, 4B
X 4 longitudine commensurabiles
P n sunt [deff. alt. 4]. secetur
4E in Z in duas partes
aequales, et quadrato EZ?
aequale rectae A4 E adpli-
i cetur parallelogrammum
Z 0 AH>< HE.

itaque 4 H, HE longitudine incommensurabiles sunt
[prop. XVIII]. rectae 4 B parallelae ducantur H®, EK,
Z 4, et reliqua eodem modo, quo antea [p. 166, 1 sq.],
fiant. manifestum igitur est, esse M5? == 4I". iam demon-
strandum, M irrationalem esse maiorem, quae uocatur.
quoniam 4 H, EH longitudine incommensurabiles sunt,
etiam 460, HK, hoc est XN, NII, incommensurabilia
sunt [VI, 1; prop. XI]. itaque MN, N5 potentia
incommensurabiles sunt. et quoniam A E, 4B longi-
tudine commensurabiles sunt, 4K rationale est [prop.

M NT—|=
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aovuuergor. xol émel eVuusrods dotwv ) AE 1] AB
utjxee, ¢nrov éove vo AK' xal donwv l6ov tolg amd
1oy MN, NE* ¢qrov doa [éoti] xel ©0 cvyxelusvov
é tov amd vov MN, NE. xal émel acvpusteis
(éotv] % AE vfj AB wixer, vovréors tfj EK, aida
7 AE ovupsteds éote vf) EZ, acvuuctoog dga ) EZ
vii EK wixe. of EK, EZ &pa gnrai elor Svvapee
pévov cvpustpor’ péeov dga to AE, rovréer. to MP.
xal meguégerar vmd tov MN, NE' uéoov &pa éori
10 Um0 tov MN, NE. xal ¢nrov 1o [ovpxsiusvov]
éx tov dnd vov MN, NE, xal slow aodupustgor af
MN, N dvvduer. éav 0% 8vo svdelon dvvdus devu-
HETQOL GUVTEFMOL woLoTGaL TO Uiy Gupxelusvoy éx Tov
arx avTeY TETQUpdVOY $nTiv, TO O VT adrdv wédov,
1 8An &Aoyds éoriv, nadeivar 0% pelfov.

‘H ME &ga dloyos dovwv 9 xadovuévy uelfov,
xal dvverar 10 AT ywolov: Omeo &0 dsifau.

vy i

Eav ywelov mepiéynrar vmo dnrijs xal t4g
éx 0vo évopdrov wéuxtng, N voO ywelov dvva-
uévy dloydg éotiv 7 nalovpdvy gyrov xal pé-
dov dvvapdvi.

Xaoglov pog 10 AL megusyfodm Umd ¢nriig Tis
AB xal vijg & 0vo Ovopdrov wlumrng vig A duy-
enuévng slg t& Svdpara xeze vdo E, more 1o weifov
ovopa elvar 10 AE: Adyw [01]], 6tu 5 10 AT ymelov

1.E4AP. 2. Z6u] dorv P, deindel. J4AE 1 4ABm.1, 14
ecorr.m. 1V. 8 MN] NMP. é6t{] om. BFVbh. ua(}
om. b. b doriwv] om, P.  rovréemy P. e’ F. 6.

dorww P.  tf] vijgs P. 7. elaww P. 8. tovtéomww b.  1d]
corr. ex to m, 1 F. 9, péooy — 10. NE] mg. m. 1 P. 10.
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XIX]. et 4 K=MNZ?4 N 52 quare etiam MN*{- N 5?2
rationale est. et quoniam AE, 4B, hoc est 4E, EK,
longitudine incommensurabiles sunt [prop. XIII], et
AE, EZ commensurabiles, EZ, EK longitudine in-
commensurabiles sunt [prop. XIII]. itaque EK, EZ
rationales sunt potentia tantum commensurabiles. quare
AE, hoc est MP, medium est {prop. XXI]. et rectis
MN, N5 comprehenditur. itaque MN>< N5 medium
est. et MN? 4 NXE? rationale est, et MN, N5 po-
tentia incommensurabiles sunt, sin duae rectae potentia
incommensurabiles componuntur efficientes summam
quadratorum suorum rationalem, rectangulum auntem
medium, tota irrationalis est, uocatur autem maior
[prop. XXXIX].

Ergo M5 irrationalis est maior, quae uocatur, et
MJ5? = AT'; quod erat demonstrandum.

LVIIL

Si spatium recta rationali et recta ex duobus no-
minibus quinta comprehenditur, recta spatio aequalis
quadrata irrationalis est spatio rationali et medio
aequalis quadrata, quae uocatur.

Spatium enim AI" comprehendatur rationali 4B
et 44 recta ex duobus nominibus quinta in E in no-
mina diuisa, ita ut 4 E maius nomen sit. dico, rectam
spatio AI' aequalem quadratam irrationalem esse

vnd] ovynelpevoy éx V.  ovynefusvoy] om. P, 11. &x taév]
supra ser. . xal dorwv dodupereog 7 MN 15 N5 Theon
(BFVDV). 18. cvvrs@®doy PB. 14, 8¢ comp. F. 15, domt
BV, comp. Fb. 19, xal tiig] bis b.  26. 8] om. P. 9]
supra scr. m, 1 P,
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dvvapévy &loyds éotiv ) xadovuivy yrov xel uécov
Svvauévy. A

Kareoxsvaodo pag to adra toly mwedregov dsdeiyué-
voig® pavegdy 01, 8t 1) 10 AT yoglov dvvauévy éotly
1 ME. daxtéov 04, 6ve 7 ME éorwv % nrov xel
uéaov dvvaudvy. émel pog dovuucreds demiv y AH
) HE, dovpustoov doa éotl xal 1o A0 w6 OE, tovr-
dott v0 amwd tijg MN ©é and vijg N5 of MN, NE
dpa Ouvvdus sloly aovpucroor. xel Emsl § AAd éx
dvo dvopdrav fovl méumry, xel [dorv] FAadcov adrijg
tuijpe 10 Ed, ovppsrgog éoa 9 EA vij AB pijper.
aile 7 AE tfj EA éorwv dovuuetgogt xal 7, AB
doa t} AE éomv aovpuetgog uixer [ef BA, AE
énral elor dvvauer pdvov ovpustgor]® udoov dge ol
10 AK, tovréore ©o cvyxslusvov éx tov and rov MN,
NE. xol énsl ovupcvods éovv § AE tij AB wijxe,
rovtéon. tfj EK, dlde 1) AE vfj EZ 6vuucrgdg éotiv,
xal 7 EZ éoo tfj EK evppereds éotwv. xol gy 4
EK: ¢nrov dga el o EA, tovréet to MP, rovr-
éote ©0 vmd MNJE' of MN, N5 apa dvvdue devu-
ueTEol &lgL moloUoaL TO uiv Guyxelucvov éx tov anw
avTGY Tergayavay uidov, 10 8 Un avrav GnTiv.

3. neraonsvicdo V, sed corr.  yde] ovv V.  roig xgo-
dedeiypévorg Theon (BF VD). b. 8¢ F, 7. HE] corr. ex
EH # dotty PB. 8. z5ic NE] rav N5 P. = 9. ovp-
ustoor V, corr. m, 2. Ad] 4 e corr. V. 10. dorv] om. P.

12, &i1’ F. 18. B4] mut. in 4Bm. 2V, 4B F. 14
elav B.  16. aodupsreog B, corr. m. 2. 17, dii’ F.  4E]
corr, ex BI', ut uidetur, V. éoru PBV, comp. Fb, 18.
Ante ovuperoog ras. 1 litt. V. xal §nrn] ény 34 BF Vb,

19. Post EX add. §ntn &eo xol 7 EZ V. [EA] supra add.
dm. 1b. tovréoriv P, zovréemiv P. 20, vmo oy FV.

MN, N& B. 21. eloww PB. 22, 8¢ F.
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spatio rationali et medio aequalem quadratam, quae
uocatur.

comparentur enim eadem, quae in superioribus de-
monstrationibus. manifestum igitur est, esse ME? = 4T"
4 HE 2 [p. 162, 1 sq.]. iam de-
monstrandum est, M5 esse
rectam spatio rationali et

B E 4 ' medio aequalem quadratam.
P o nam quoniam A4 H, HE in-

' g commensurabiles sunt [prop.

M N[ XVIII], 46, ®FE, hoc est

MN?, NE%, incommensura-
bilia sunt [VI, 1; prop. XI].
z 0 itaque M N, NJE potentia
incommensurabiles sunt. et quoniam A4 ex duo-
bus nominibus est quinta, et minor pars eius est
Ed, EdJ et AB longitudine commensurabiles sunt
[deff. alt. 5]. uerum AE, EA incommensurabiles sunt.
quare etiam AB, 4E longitudine incommensurabiles
sunt [prop. XIII].') itaque 4K, hoc est MN?* 4 N5%,
medium est [prop. XXI]. et quoniam A4 E, 4B, hoc
est 4E, EK, longitudine commensurabiles sunt, et
AE, EZ commensurabiles, etiam EZ, EX commensu-
rabiles sunt [prop. XII]. et EK rationalis est. itaque
etiam E 4, hoc est MP siue MN>< N5, rationale est
[prop. XIX]). itaque MN, NX potentia incommen-
surabiles sunt summam quadratorum suorum mediam
efficientes, rectangulum autem rationale,

1) Cum lin. 18 &o«, ?uod edd. post 4E habent, in codd.
omittatur, malui delere «f B4 — lin. 14 ovpgueroor.

Euclides, edd. Heiberg et Menge. III. 12
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‘H MJE aga nrov xal uéoov dvvapévn éoti xal

dvvarar 10 AT ywelov: Gmep £0s dsika.
20

Eav yoelov msgiégntar vmd gnrig xal vijg
éx 0vo dvopdrev Extng, 1) TO ywelov Svvaudvy
Gloydg éotiv 1) xalovuévy 0vo puéea Svvaudvy.

Xawplov pap 16 ABI'A megueyécBm Omd ¢rijs Tis
AB xal 17g éx 0Y0 ovouarev Extyg tig Ad dugen-
pévng el ta Svouara nere vo E, @6te 10 peifov
Svoua slvar 10 AE' Aépw, Ot %) 10 AT Svveudvy g
0vo péea dvvauévy éotiv.

Kavsoxevaodo [pog] vo adra volg meodedsiyuévorg.
Qavegoy 04, Oti [5)] ©0 A dvvapévy éotlv 4 ME,
xal 0Tt aovpucTeog osy 1) MN tfj NE dvvdps. xal
énel aovuperels ot i) EA tff AB pine, of EA,
AB épe gyral elor dvveus povov ovuustgol® uicov
dga éosl 10 AK, tovréers 1o ovyxsiusvov X THV GO
v MN, NE. madw, énel dovuucreds éorwv % EA
tfj A B pijxei, devupcrpog dpa éotl ual ) ZE ) EK-
af ZEy EK éga §yral slor dvvaus udvov elupustgor’
uéeov &po Zovl tvo E A, tovréer. 30 MP, tovréors 1o
w0 tév MNJE. xal énel dovppergos ) AE tf EZ,
xel ©60 AK 19 EA dovpustoéy fotw. dAda 1o ulv

1. dorlv PB. 6. ] postea ins. F.  péoag P, corr. m. 1.

7. énrijg] om. F. lOn—JmmpéwI]m.mlP 7
(alt.) &loyds dorw y ualovpémy Vb, e corr. F. 1. Zouin] del
F, om. Vb, 12. xaraoncvac@o V.  yde) om. P.  13. 4]
om. PF. 15. E4] AE FVb. EAJ] AE" F, in ras. V. 16.
gloww B, 17. dotty P.  "dnd viv 'éx véw F. 18. NE]
mut. in EN V. 19. Post 4B add. rovtéere v EX V. {oriv B.

ZE) EZ P. 20. «i] xal «f BFD. eloww P. 21 MP]

corr. ex ME m. rec. b.  rovtésuy P. 22, 9] dorw 5 FV.
28. aovupszgos F.
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Ergo M recta spatio rationali et medio aequalis
quadrata est [prop. XL], et ME® = 4I'; quod erat
demonstrandum.

LIX.

Si spatium reeta rationali et recta ex duobus no-
minibus sexta comprehenditur, recta spatio quadrata
aequalis irrationalis est duobus spatiis mediis aequalis
quadrata, quae uocatur.

Spatium enim 4BI'4 comprehendatur recta ra-
tionali 4B et recta ex duobus nominibus sexta 44
in E in nomina diuisa, ita ut maius nomen sit A E.
dico, rectam spatio 4I" aequalem quadratam rectam
esse duobus spatiis mediis aequalem quadratam.

comparentur eadem, quae in superioribus demon-
strationibus. manifestum est igitur, esse M52 = AT,

4 HE Z et MN, NJZ& potentia in-

commensurabiles esse [p. 176,

A r 6 sq.]. et quoniam EJ,

K 4 4B longitudine incommen-
surabiles sunt [deff. alt. 6],
EA4 et AB rationales sunt
potentia tantum commensu-
rabiles. itaque 4K, hoc
est MN® 4 N5%, medium
& est [prop. XXI]. rursus quo-
niam Ed, AB longitudine incommensurabiles sunt
[deff. alt. 6], ZE et EK incommensurabiles sunt [prop.
XIII]. quare ZE, EK rationales sunt potentia tan-
tum commensurabiles. itaque E4, hoc est MP siue
MN >< NJj, medium est [prop. XXI]. et quoniam

AE, EZ incommensurabiles sunt, etiam 4K, EA
12%

b
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AK ot ©0 ovyxeiuevov éx tadv amo tav MN, N,
76 0t EA éot 1o Omd vov MNJE' acduustoov oo
dotl 10 ovyxelusvov éx Ty dmd rév MNE 16 Omd
tov MNE. xal dotu uéoov éxdregov avrov, xal of
MN, NE dvvape slolv devuuergor.

‘H MJE é&go 0V0 péoa dvveudvy éotl xal dvvera
10 AT Omep #dz Ostiau.

[47upe.

‘Eav ebPeie poopun tundy elg dvice, va dnd rdv
dvicov terpdyove pelfove ot Tov dlg Omd oV dvi-
ooy megiegouévov dpPoymviov.

"Eotw &0%cle 1) AB xel veruode ey dviea
xere ©0 I, xol Eoro peltov 5§ A" Aédye, 8n ta
and tév A, I'B pelfova 6t tov Olg Vmd Toow
AT, T'B.

Teruijodm yag 7 AB Olye xave ©o 4. émel odw
e0Pela poauuy térunrar elg udv low wxava ©o A4, &g
o0t dviea xara 16 T, 16 dpo vwd tov AT, I'B upera
100 and I'Ad isov detl ©6 amd A4 &6re 1o Vmd
tév A, I'B EAarrov é6ve tov amd AA° 1o dpa Olg
vnd 1év AL, I'B Elarvov 1 dimddedy dere vov dmd
Ad. arie e and v AT, I'B duinddowd [é6ti] taiv
and tév Ad, AT o éga and tdv A, I'B usifovd
dot oV Olg VUm0 rwv AT, I'B* 3nsp Eder dsibar.]

£
To dno t7g éx 0v0 dvopdrav maga dnTnv
2. dort]m. 2 F. tov]om. BFb. 8. MN,NE V. ‘tt@

wFV. 4 MN,NEm 2V, doti P.  péooy] pév
6. dvvaper V. 8. lijppe] m, 2 P.  10. fowv V, sed corr.
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incommensurabilia sunt [VI, 1; prop. XI]. uerum
AK=MN?4 N5% EAd=MN>>N}. itaque MN?
-+ NE? et MN > NJE incommensurabilia sunt. et
utrumque medium est, et MN, N& potentia incom-
mensurabiles sunt.

Ergo M5 recta est duobus spatiis mediis aequalis
quadrata [prop. XLI], et ME® = AT; quod erat demon-

strandum.
[Lemma.

Si recta linea in partes inaequales secatur, qua-
drata partium inaequalium maiora sunt duplo rectan-
74 gulo partibus inaequalibus comprehenso.

l Sit recta 4B et in I'" in partes inaequales
4 secetur, et maior sit 4I. dico, esse

r AI'* +I'B*>2 AT < I'B.

| nam AB in 4 in duas partes aequales secetur,
“B jum quoniam recta linea in 4 in partes aequales secta
est, in I"autem in inaequales, erit AI'><I'B4 I'A2=A4*
(IL 5]. quare A'><I'B< A A4*. itaque 2 AT'><I'B<2 AL,
est autem AT+ I'B*=2(4 44 4I™®) (11, 9]. ergo
A+ I'B*> 2 AI'><I"B; quod erat demonstrandum]).?)

LX.
Quadratum rectae ex ducbus nominibus rectae ra-

1) Cum Euclides iam prop. XLIV p. 128, 17 hoc lemmate
tacite usuys sit, param credibile est, id ab eo ipso hic demum
additum esse. quare puto, lemma ab interpolatore adiectum
esse, quem fugerit, id jam antea usarpatum esse. facile ad-
paret res ipsa ex II, 7.

sl V.  avloow tijs Sing tunudray V. 12, forw yao F. 13,

peitov ©o AT P. 18, d] corr.ex BF. 17. yoouusy 7 4B V.,
19. dno 7ijg Vb. I'd] inras. V, JT P.  zijg 44 V
20. flacsoy P, comp. Fb, tijig Ad V. 22. g 44 V.
dor] om. P. 24, zév] om. P.  25. v8’, corr. m. 2, F.
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wagafaliouevov mAdrog ol tv éx dvo dvo-
HoTOV TPBTYV.
"Eorw 2» 0vo bvoudrov 9 AB duenuévy &y ve
ovépare xata o I', d6te 10 peifov Svopd sy ©o
5 AT, xol éxxelodw gyre, 7 AE, xal v and vijg AB
lsoy mage v AE mopafsfiiodn vo AEZH xidrog
woovy Ty AdH' iédyw, 61 7 AH éx 80 dvopdrov
dotl meaty. :
Hegafepriodo ypap mege tv AE 16 pdv dwd
10 tijg AT looy ©0 4O, 6 0% axd vis BI igov ©o
KA Jouxdy dga 1o Olg vxd 1oy AN, I'B lsov éovl
6 MZ. verprjodo § MH dlyo xave 70 N, xel mop-
dlindog fj10w f NE [fnacipe wov MA, HZ). énd-
tegov doa téy ME, NZ loov éovl v dnat Dmd tov
16 ATB. xal mel éx 80 dvopdrmy Loclv 1) AB diney-
pévy &lg ve ovépara xeve 16 Iy, af AT, I'B &pa §1-
Tl &loy dvvdaper udvoy ovuueTeos’ Ta dga AXO THOV
AT, I'B énra éovs xal ovpperga diirjlois” Sove xal
10 ovyxslucvov éx viv dzo vov AT, I'B [evpustedy
20 dove tols amé woy AT, I'B° §neov édoa éorl vo ovy-
xelpsvoy £x toy and viv A, I'Bl. xal dorw lgov
1 dA° gnyrov dga éotl 10 AA. xal maga dqray TR
A E nagaxeirar” §nry dga Zoviy §) A M xol evppsroog
] AE wixes. mihwv, énsl aof AL, I'B $nval sloe
25 dvvaus, uovov evuusrgol, pédov doa fotl 1o dlg vmod
oy AT, I'B, vovrésrs 10 MZ. xel magd énriy v
M A magdravars ¢nor doa xel  MH dove xal acvpu-
6. zg] corr. ex 6 m, 1 F. 4B] 4 e corr. B. 9. 2]
corr. ex o m. 1 F.  10. 6] mut. in v¢ m. 1 F. 46] &
ecorr. V. @] corr.ex tom. 1 F. 11, dec/] m. 2F. 12

8lge]l m, 2 V. 13. NE] N eras. F, B b. wacéoe — HZ]
om. P. 14. Post &pa del, vdy AH V. NZ] corr. ex N&
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tionali adplicatum latitudinem efficit rectam ex duobus
nominibus primam,

Sit 4B recta ex duobus nominibus in I in nemina
diuisa, ita ut maius nomen sit 4TI, et ponatur ratio-
4 KM N H nalis 4E, et quadrato 4B?
( ‘ aequale rectse A E adplicetur

| 4 EZ H latitudinem efficiens 4 H.
E 84 3 Z (Qien, 4H rectam esse ex duobus
4 r B  nominibus primam,

nam rectae 4 E adplicetur 46 =4I et K Aw=BI®,
itaque reliquum (II, 4] 2A4I'><XI'B=MZ. iam MH
in N in duas partes aequales secetur, et N5 parallela
ducatur. itaque Mg =NZ = AI'><I'B. et quoniam
AB ex duobus nominibas est in I' in nomina diuisa,
AL, I'B rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. itaque 4I'?, I'B?® rationalia
sunt et commensurabilia. quare etiam A4I® 4 I'B?
[prop. XV]. et AI'* 4 I'B¥e= A A. itaque etiam 4.4
rationale est. et rectae rationali 4/ E adplicatum est;
quare A M rationalis est et rectge JE longitudine
commensurabilis [prop. XX]. rursus quoniam AT}
I'B rationales sunt potentia tantum commensurabiles,
2 AI'><I'B, hoc est MZ, medium est [prop. XXI].
et rectae rationali M adplicatum est. itaque MH
rationalis est et rectae M4, hoc est 4E, longitndine

m. 1F 15. AP, 'B inras. V. 18. of] wal «f V. 18,

dovi] eloe BFb., xaf](alt.) om. V.  19. Post I'B del. na( dontw

isov ¥.  odupergoy — 20, 'Bl mg. m. 1 P. 20, dnriv —

21, ’'B] om. P. 22, 4A4) 4 e corr. FV, 44 P. 6] 16 F.
dA] corr. ex 44 m. rec. P. 928, AM] corr. ex 4H m.

2F. " 27 &oa ot/ BFVb. aalf] om. V. éeri] om. BFVD.
evpuergos F, corr. m. 2.
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pergog ©5j M A, tovtéer, 1) AE, uixe. €6ty 0% xal
1 Md ¢qey xal ) AE pijxer 6Vppergog’ dovuusrgos
doa fotlv v AM tfj MH pixes. xoi &lov ¢nqral of
AdM, MH éoa ¢nral slor dvvaus, pdvov evuusTgoL’
5 & dvo_doa dvopdrwv éotlv v JH.

deaxvéov 01, ors xal moary.
’Ensl tov and tov AT, I'B uéeov dvdioyov éove
76 Uno tov AB, xnal tév 40, K A &ga péoov dva-
loyov dov t0 MJE. Eorwv dgo g T0 4O medg 10
10 ME, ottwg 106 ME mgog ©6 K A, rovréery wg 1 4K
neog ™y MN, 7 MN mpdg wjv MK' 16 &pa vmd
tov AK, KM igov éovl 16 ano vijg MN. xai énel
ovpuetedy dore v0 and tig AT v dnd tiig I'B, ovpu-
ueTgov ot xal 1o 4O v KA dGore xal 7 AK vf
15 KM 6vpuergog éotiv. xal émel pelfovd Zove T amd
16y AT, I'B tov dlg vmo tév AT, I'B, usitov doa
sel 10 44 tov MZ" @ore xal ) AM vijg MH pelfov
dotiv. xel ovwv loov 6 vmd tédv JK, KM t6 dmd
tiic MN, zovréor. e terdgre tov dmo tijg MH, xal
20 ovpuetgog ) AK v K M. v 0t doi dvo edPslor dvi-
gou, TG 0 verdgre péper Tov awd g dAaooovos iGov
nao iy usifova magapindi éAdsinov cide teTpaywve
xal elg ovppstoa avTyy dopd], 1 peitov Tijs édadovog
pettov dvvarer t6 dxd cvupdroov favrfit § A M doa
25 tijg MH upsifov Ovverar t¢ amd ovpuéroov Eavri.
%ol elor ¢yral el AM, MH, xel 71 AM peifov Svopa
ovoa ovuusteds foT i énneuévy gnri v 4 E pixe.
1. MA] AM in tas. V.  fouw PB. 8. 4M] Md P.
wal elot] e corr. V. sloww B. 4. 4M, MH édec] e
corr. V, 5. dea] supra scr. F, om. P. 7. Post éxel add.

yiée BVb, F m. 2. 8. A'y, TBm. 2 V. 10. 4K] K
in ras, V.  13. I'B] BT in ras. V. 18. KM pijnee ovp-
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incommensurabilis [prop. XXII]. uerum M rationalis
est et rectae 4 E longitudine commensurabilis. itaque
4 M, MH longitudine incommensurabiles sunt [prop.
XII1]. et sunt rationales. itaque M, MH rationales
sunt potentia tantum commensurabiles. ergo 4 H ex duo-
bus nominibus est [prop. XXXVI]. iam demonstrandum,
eandem primam esse. quoniam 4I">< I'B medium est pro-
portionale inter 4 I'%, I" B® [cfr. prop. XX1lemma], etiam
M medium est proportionale inter 4@, K 4. itaque
AO:ME=M}¥:KA,hocest[V],1] 4K: MN=MN: MK,
itague 4K > KM= MN? [VI, 17}. et quoniam
AT, I'B® commensurabilia sunt, etiam 46, K4 com-
mensurabilia sunt. quare etiam 4K, KM commen-
surabiles sunt [VI, 1; prop. XI]. et quoniam est
A% 4 I'B* >2 AI'>< I'B [u. ad lemmal], erit 4 4> MZ.
quare etiam AM>MH [VI, 1; V, 14]. et
AK >< KM = MN? =} MH?,

et 4K, KM commensurabiles sunt. sin datae sunt
duae rectae inaequales, et quartae parti quadrati mi-
noris aequale spatium maiori adplicatur figura qua-
drata deficiens et eam in partes commensurabiles
diuidit, maior quadrata minorem excedit quadrato rectae
sibi commensurabilis [prop. XVII]. itaque 4 M? ex-
cedit MH® quadrato rectae sibi commensurabilis. et
AM, MH rationales sunt, et maius nomen 4 M
rectae rationali propositae 4 E longitudine commensu-
rabilis est.

petoog fonn V. Post 2oty add. pijuse m. 2 B, 16. tod
— I'B] supra scr. F. 18, 4oz PVb, comp. F. 20. Post
KM add. pixse V, m. 2 B, gey PB. 238. Swaipel b,

24, Ante peitov ras. 11itt. F. 25, 7e] 6 V. 26, %ol 5 —
217. éor:] in ras. F. 26, 4M] MH P, HM Fb.
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. H JdH &pn éx 0vo Svoudrey fotl mewry' Omep
e detbar.
Eo',

Td amd tijg éx 0vo péowv medwns naok én-
5ty maegafallducvoy mwAdgog moisl iy éx dvo
ovoudroy dsvréean.

"Eore éx 0vo péowv meaty f AB dimenuévy &is
vog péoug xere 1o I, oy upelloy 1 AT, xal éxxsiobao
vy 1 AE, xal megapefirodo nepk vy AE 6 amd

10 ©ijg A B loov magalinidygaupov ©0 AZ mAdrog moiovy
ey AH' Aéyw, vy 4 H éx 8vo dvoudrav éorl devrépa.

Kareonevdodw pap ve avra toig med tovrov. xel
émel ) AB éx 0¥0 péowv Zetl modty dinenuévy xavd
©0 'y af AT, I'B dpa péoor &lol dvvduss udvov

156 ovpustgor gnrdy mepiégovdar’ Mors xel Td EWd THV
AT, I'B uéoe éotiv. péoov doa éovl ©d 44, xal mapc
gt vy AE megeféfinrar dnry on doviv y MA
xed devupcreog tf AE wixe. medw, énsl gurdv dore
70 dlg vno vav AL, I'B, dyrdv éave xal 10 MZ. xal

20 mape gnoyy vy M A wogdueivar gnry &oa [éotl] xal
9 MH xal ptixes ovppstoog vf) M A, vovvéor. vij AE"
acdupcrgog dga goviy n AM vfj MH piust. xai eloc
onval al AM, MH dga ¢nvel eloe dvvdus pdvov
ovuusTeoL’ éx Ovo doa Svoudvov fosly 5§ AH.

1. dvopdtw b.  8mep £8er Seiken] om, BF VDb, comp. P, 8.
E8° F. 4. gnrijs B, sed corr. 7. fotw] e corr. m. 2 F. 9,
noga iy JE moeaPeflicdo P. 10. AB] corr. ex 44 m.
1b. ooy 75 P, 12, xatasxevdcdeo V. 14, af] in ras.
m. 2 B, eloly B. 16. ésciv] doti PB, comp. Fb, elof V,
17. negaxsurar Theon (BF VD).,  19. éozc] om. B.  20. &n,
supra scr. oy P, dov(] om. BFVb.  21. edupergog pijnee V.
1114/1] éﬂ ecorr. V. 22 dotiv] om. V. pojner o MH V,
slow B.
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Ergo 4H ex duobus nominibus prima est [deff.
alt. 1]; quod erat demonstrandum.

LXI.

Quadratum rectae ex duabus mediis primae rectae
rationali adplicatum latitudinem efficit rectam ex
duobus nominibus secundam,

Sit 4B recta ex duabus mediis prima in I' in
medias diuisa, quarum maior sit AI", et ponatur ra-
4 KM N H tionalis 4E, et rectae 4E adpli-
" cetur quadrato 4 B® aequale par-
! allelogrammum 4Z latitudinem

E &4 & Z efficiens 4H. dico, 4H ex duo-
f——— | . .
4 r =B bus nominibus secundam esse.

nam comparentur eadem, quae in priore propositione.
et quoniam 4B ex duabus mediis prima est in I'
diunisa, 4I", I'B mediae sunt potentia tantum com-
mensurabiles spatium rationale comprehendentes [prop. -
XXXVII]. quare etiam AI'?, I'B* media sunt [prop.
XXI]. itaque 4.4 medium est. et rectae rationali 4E
adplicatum est. itaque M rationalis est et rectae
A4 E longitudine incommensurabilis [prop. XXII]. rursus
quoniam 2 A I'">< I'B rationale est, etiam MZ rationale
est. et rectae rationali M4 adplicatum est. itaque
etiam MH rationalis est et rectae M. longitudine
commensurabilis [prop. XX], hoc est rectae 4E. itague
AdM, MH longitudine incommensurabiles sunt [prop.
XTII]. et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4H ex
duobus nominibus est [prop. XXXVI].
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Adaxtéov 7], 0Tt xal devrépe.

‘Ensl pag 1 and v AL, I'B peltovd éoti tov
dlg vmd tov AT, I'B, usitov dga xal 16 A4 vov
MZ: dore xal 7 AM tiig MH. xal émel evppsrgdv
ot ©6 and vig AT ©6 and vijg I'B, ovupergdv éoru
xel 10 40 v KA wove xal 7 4K vy KM ovupe-
19lg dorv. wai éov vo vmo vy AKM loov T dmd
vijg MN* 7 AM &ga vijg MH ysifov dvwarar ¢ dxd
ovpudroov favrly. xai éotw 1) MH evpustgog vij AE
paxEs.

‘H AH dga éx 0vo dvopdrov éerl dsvripe.

&

To amo v7g éx 0vo péowv dsviégag maga
¢ty magafailopcvov mlatog movsl TNV éx
d0vo dvopdrov roirnw.

"Eorw éx 0vo péomv dsvrépa 1) AB diponuévy &g
10g uéoag xare 10 I, dots ©0 peifov tpijua siver To
AT, ¢nqray 0¢ rig éorw 1) A E, xal mage v AE 6
and 17g AB loov megailnioygouuov megefefiicdo
10 AZ mhdzog mowovy iy AH' Aéyw, Ove ) AH éx
dvo Svoudraov dotl TolTy.

Koazeoxcvaodeo te avra voig moodedeyudvors. %ol
émsl & Ovo péowv dsvrépn fotlv 7 AB dupenuévy
xare 10 Iy af AT, I'B doa péoar &lol dvvauer uovov
aVpuETgoL UioOV mEQLéYOVGUL® BOTE Xal TO GUYXELUEVOV

8. AT] I'in ras. m. 1 P. 7. Zouwv] doms BV, comp. Fb.

doti] domiv P. 4KM)] K corr.exM m, 1 P; 4K, KM corr.
ex JK, NM V. 8 MH]corr,ex MN m.1b. &dvater
peitov V. 12, EB’] corr. ex &y’ F.  15. évopdrwy] corr. ex

péowy m. 2 B, toityy] in ras. m. 1 B. 16. Zorw] in ras.
m.1B. 18. frtw] yeyovérw V. AE] inras. m. 1 B. i)
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iam demonstrandum est, eandem secundam esse.

nam quoniam AI™ 4 I'B®* > 2 A" >< I'B [prop.
LIX lemma], erit etiam 44> MZ. quare etiam
AM> MH, et quoniam AI?, I'B* commensurabilia
sunt, etiam 4@, K4 commensurabilia sunt. quare
etiam 4K, KM commensurabiles sunt [VI, 1; prop.
XI]. et AK>< KM= MN? [cfr. p. 184, T 8q.]. itaque
AM? excedit MH® quadrato rectae sibi commensu-
rabilis [prop. XVII]; et MH, 4E longitudine com-
mensurabiles sunt,

Ergo 4H ex duobus nominibus secunda est [deff.
alt. 2},

LXIL

Quadratum rectae ex duabus mediis secundae rectae
rationali adplicatum latitudinem efficit rectam ex duo-
bus nominibus tertiam.

Sit 4B ex duabus mediis secunda in I" in medias
diuisa, ita ut maior pars sit 4TI rationalis autem sit
4 KM N H AE, et rectae 4 E quadrato 4 B?
aequale parallelogrammum 4Z
adplicetur latitudinem efficiens

E ©4 & Z AH, dico, 4H ex duobus nomi-
| —f— . .
4 r B  nibus tertiam esse.

comparentur eadem, quae in superioribus demon-
strationibus. et quoniam 4B ex duabus mediis se-
cunda est in I" divisa, AT, I'B mediae sunt potentia
tantum commensurabiles spatium medium comprehen-

éyepw iy F. 7] corr. ex 7o m. 1 F. 20. wjv] corr. ex

zom. 1 B, 16 F. 22, nal narsonevicho, del. xaf, F; xora-

oxevacdo yeg V.  xal] postea ins. F, 23, forl devrépa P.
24. 'B] I' in ras. V. péoar doa V. elotv PB,
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é tav and tov AL, I'B uéoov éoviv. xai éoviv
ioov vg A.A° yéoov dga nal t6 AA. xel magaxsiTer
maga fnprny vy AE' nry dea dotl xal 77 M xal
dodppetpos ti AE uixer. O e adra 0y xel 5
MH {nry dove xel aodppergos vif MA, tovréor. tfj
AE, wixer: $yen don éoviv éxarépe védv AM, MH
xal cevppevgog v AE pijxs. xel émel devpustedgs
éovw 7) AT tfj I'B wixe, g 8% ) AT medg v I'B,
ovtwg 70 ano tijg AI" xgog ©o Vo tdv AI'B, acvu-
pergov doe xel to amd viig A" @ vmo vdv AI'B.
wore xal v0 ovyxeluevov €x tdv and tov A, I'B
T Olg vnd tdv AT'B covpusreov éotiv, Tovtédre vo
A4 v MZ' dove xal % AM vjj MH devuuergig
dorw. xal elov ¢yraidc éx Svo &pa dvoudrov éoviv
5 AH.

daxzéov [81], Ove xal TolTy.

‘Ouoiwg 97 voly mporépots émidopiovusde, Ove pel-
twv dotiv § AM ziig MH, xal ovppstgos 7 dK i
KM. xei éote td vmd tov AKM loov v axd vijg
MN: §§ AM dge tijg MH usitov dvwarer 76 amod
ovuudtoov éavejj. xai ovderépa vav AM, MH ovyu-
perods éote T AE pajxse.

‘H 4H dge éx 0vo ovopatmv fotl tolty’ Omsp
05 dsitar,

1. éx tév) om. Fb, m. 2 B.  4oriy] dov/ PBVD, comp. F.

2. waganeirerlom. V. 3. ey AEdnrijpp P.  édoxlv B.  mal
om, B. 4MP. 4. 3ud] xel did F. 6. dnrif — 7. piinee
mg m.2V. 6 MNYV, 8.t I'B— 7 AI'] supra scr,
m 2F. 9 zjg] tév B. AT, B4 B. ovppezreov B, corr.
m, 2. 10. ©6] corr. <x e V. té ] corr. ex t6 m. 2 P,
AL, T'BYV. "11. I'Bj om. P. 12 ABI'P. {ou PBFYV,
comp. b. 6] téd F. 18, 44] JA4 F et, eras. 4, b. xel]
om. B. 14, 4oz. PBV, comp. Fb. 16. 8] om. P. 17,
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dentes [prop. XXXVIII]. quare etiam AI'® 4 I'B?
medium est. est autem AI® - I'B® = 44. itaque
etiami 44 medium est. et rectae rationali 4E ad-
plicatum est. itaque M. rationalis est et rectae 4 E
longitudine incommensurabilis [prop. XXII]. eadem
de causa etiam MH rationalis est et rectae M4, hoc
est 4 E, longitudine incommensurabilis. itaque utraque
AdM, MH rationalis est et rectae 4E longitudine in-
commensurabilis. et quoniam AI', I'B longitudine in-
commensurabiles sunt, et AI':B=AI?:4I'><I'B
[prop. XX1 lemma], etiam 4TI et 4I'><I'B incom-
mensurabilia sunt [prop. XI]. quare etiam 4I"* 4 I'B?
et 2AI'><I'B, hoc est 44 et MZ, incommensura-
bilia sunt. quare etiam 4 M, MH incommensurabiles
sunt [VI, 1; prop. XI]. et sunt rationales. ergo 4H
ex duobus nominibus est [prop. XXXVI].

demonstrandum, eandem tertiam esse.

eodem igitur modo, quo antea [p. 188, 2 seq.], con-
cludemus, esse 4 M > MH, et 4K, KM commensu-
rabiles esse. et 4K > KM = MN?® itaque A4M?*
excedit MH?® quadrato rectae sibi commensurabilis
[prop. XVII]. et neutra rectarum 4M, MH rectae
A E longitudine commensurabilis est.

Ergo 4H ex duobus nominibus tertia est [deff.
alt. 3]; quod erat demonstrandum.

87] 88 V. mebtsgov BFb. &1i] corr. ex = m. rec. P. 19,
4KM) d e corr. V, corr. ex 4 m. rec. P. 21. gvppérgov)
oinras. V. 22 dotww PV. 23 Omeg £3cr Ssikar] comp. P,
om, BFVD,
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&

To amd tijg pelfovog maga ¢nrnv mxgaﬁa).-
Adpevov mAdrog moisl tyv éx 6Y0 dvopdrmy
TETAQTNY.

"Eorw pelfov 7 AB dujonuévy xare vo I'y dore
peltova slvar v AL vijg I'B, ¢nry 6% 9 AE, xal
t amo tig AB lsov mage iy AE mapefeflicdeo
0 AZ mapalinioyoauuov mAavog motovv iy AH:
Adyw, 81 ) AH éx 0vo Svopdrwv orl verdgry.

Karsonsvdodo ta avrd toig moodsdeiyuévors. xal
énel peitov éotiv m AB dugonuévy xare v0 I, af AT,
I'B dvvapss elolv aovppergor molovGar ©o wiv ovy-
xslpsvov éx Tav ax avrov tergayovev dnTdv, TO OF
o7 abrdv péeov. émsl ovv §nrdv dote tO Guyxslusvov
éx tdv ano tov AI'y I'B, ¢nrov dga éorl vo A4
onry doo xal § AM xel ovppsioos T AE uijxe.
walv, émel péeov éetl 10 dlg Vmé tov AT, I'B,
Tovréer 10 MZ, xal mage $nriv o vy MA, ¢nr)
Goa Zotl xel § MH xol dovppcrgog ] AE wijxer
aevpustgog doa fotl wal §) AM ) MH wixe. of
AM, MH éga gnral elor dvvdust udvoy evpusrooL”
éx dvo &po dvoudrwv fotlv 1 AH.

Adenzéov [01], Ote xal Tevdgr.

‘Ouolmg 07 delkopev vols modregov, ot uelfov éotly

1. £8° F, et slc deinceps. 6. ¢n supra scr. zij V. 8¢
ng V. 7. magd — 8. 4Z] mg. m. 1 F. 8. 4H] corr. ex
4dE m.1 F. 9. ’2 4H] corr. ex AH F. 10, rataonsvacdeo
V. Dein add. yde FV. ngodedeaipivog F, corr. m. 2; moo-
dsatdayywmg P, mg. m. 1 ye nqod‘sd‘suypsvotg 12. T'B
doa V. elol ovppsroor B, corr. m. 2. pév] supra scr. m.
1F. 13. 8 BFV. 15. dA] corr. ex 44 m. rec. P. 16,
4M] M4 BVb, "4'M F. 17. ATB P. 18, on:] om.
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LXTII.

Quadratum maioris rectae rationali adplicatum la-
titudinem efficit rectam ex duobus nominibus quartam.

Sit maior 4B in I" diuisa, ita ut sit 4I"> I'B,
et rationalis sit 4E, et quadrato 4 B? aequale rectae
4 KM N H AdEadplicetur parallelogrammum
‘| ' AZ latitudinem efficiens 4 H.
b dico, 4H ex duobus nominibus
E ®4 & Z guartam esse.
4 r B comparentur eadem, quae in
superioribus demonstrationibus. et quoniam 4B maior
est in I" diuisa, 4T, I'B potentia sunt incommensu-
rabiles efficientes summam quadratorum rationalem,
rectangulum autem medium [prop. XXXIX]. iam quon-
iam AI® - I'B? rationale est, 4.4 rationale est.
quare 4M rationalis est et rectae 4E longitudine
commensurabilis [prop. XX, rursus quoniam 2 4I"><I'B
medium est, hoc est MZ, et rectae rationali M4 ad-
plicatum est, etiam MH rationalis est et rectae 4E
longitudine incommensurabilis [prop. XXII]. itaque
AdM, MH longitudine incommensurabiles sunt [prop.
X1II]. quare 4M, MH rationales sunt potentia tantum
commensurabiles. ergo 4H ex duobus nominibus est
[prop. XXXVI].

demonstrandum, eandem quartam esse.

iam eodem modo, quo antea, demonstrabimus, esse

Theon (BFVD). MA] corr. ex Md m. rec. b, Md BF.
Deinde add. nadxastar Theon (BFVD). 19, dozdv V.  20.
dotty P. AM) M ecorr.m. 1 F, Ante of del. xel F. 21,
&oe] om, P, " 28. 81j] om. P.  24. 8% wois modregoy émi-
Aoyiotpeda, 671 Theon (BFVD).

Euclides, edd. Heiberg et Menge. III. 13



194 STOIXEIQN /.

N AM vijg MH, xel o1t ©6 vno KM loov éotl vid
amod vijg MN. émel ovv dovuperody ot T &md Tig
AT v amd viig I'B, dovuucrgov dge forl xal o
46 16 KA' dore dovpucrgos xal § AK v KM
5 donww. dav Ot @ov 8¥o evdelar dvidor, T OF verdere
péoer vov and vijs éldacovog loov magadinAdyouppov
mape Ty pelfove mapefindi éAielmov elder Tevga-
yove xel slg dovuuctoe avriy e, n wellov Tig
éhdodovog usttov Svvijderar T amd aovppéroov fovri)
10 pixers 7 AM doa tijg MH psifov dvwarar ¢ amd
acvppérgov fevei. xal elow of AM, MH ¢nral dv-
vaper pdvov ovuueteor, xal ) AM @Uupsrgds éoTi
ti] éuxewuévy $qrij v AE.
‘H 4H é&pe éx 0vo Svoudrwv 67l verdory' Omep
15 #0& delkou.

go’.
To amo v1jg Onrov xal uéeov dvvepévyg na-
e ¢nTnv wagafaliopcvov wAavog movel Tyv éx
d0vo dvopdrwv wéumen.

20 “Eotw ¢nrov xal pésov dvvaudvy 1 AB duponuévy
&g tog evdelug xeve ©o I'y dore pelfove slver Ty
AT, xal éxxeloBo ¢nry  AE, xol ¢ and tijg AB
loov mage iy AE mogafefiode ©o AZ mhdrog
movovy iy AH Adyw, 6t ) 4H éx dvo Svopdrov

25 dotl mlunen).

1 rng] tj V? MN BV. oo tév V. 4KM] supra
add. X V. 3. o] corr. ox wi? F. 4. dodppcreog] om.
Theon (BFVb). KM dodppereds fotiv Theon (BFVD).

8. doww BF. * 6. Post fsoy del. mx(m v peliove F.  mae-
allnléyeapuov] om. V. . mx(m oy pelfove] om. Fb, m.
2 B. 8. dwger F, Oaigei pipmer V. 10. 4M] corr. ex
AH F. 11 ovpuéreov F. 13. 4E] corr. ex J4HF. 14
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AM> MH, et 4K 5< KM= MN?2 jam quoniam
AI®, I'B? incommensurabilia sunt, etiam 46, K4
incommensurabilia sunt. quare 4K, KM incommen-
surabiles sunt [VI, 1; prop. XI]. sin datae sunt duae
rectae inaequales, et quartae parti quadrati minoris
aequale parallelogrammum maiori adplicatur figura
quadrata deficiens et eam in partes incommensurabiles
diuidit, maior quadrata minorem excedit quadrato
rectae sibi incommensurabilis [prop. XVIII]. itaque
AM? excedit MH? quadrato rectae sibi incommensu-
rabilis, et 4M, MH rationales sunt potentia tantum
commensurabiles, et 4 M rationali propositae 4E
commensurabilis est.

Ergo 4H ex duobus nominibus quarta’ est [deff.
alt. 4]; quod erat demonstrandum.

LXIV.

Quadratum rectae spatio rationali et medio aequalis
quadratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I' in rectas diuisa, ita ut 4I" maior sit,
4 KM N H etponatur 4E rationalis, et qua-
' ‘ drato 4B? aequale rectae AJE

, adplicetur 4Z latitudinem effi-
E 04 &E Z ciens AH. dico, 4H ex duobus

e

4 I B  nominibus quintam esse.

6mze £de deiben] comp. P, om. BFVb. 17 uou]vpostea ins.
m 1F. 20, ¢} F, sed corr. 7 AB] m. 2

13%
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Koveoxsvdodo ra avre tols med rovrov. émsl ovw
- fnrov wal péoov dvvauévn éotlv 1 AB Oduponudvy
xate vo I, af AT, I'B épa Svvduse sloly aevuustgor
motovoe 1O pv cvpnsiucvoy éx TGV X avTHY TETQA-
5 ydvav uéoov, to 0 U7 elrov gnrov. émel ovv pé-
dov 61l 10 Gupxslusvov éx tédv amd tdv AT, I'B,
uéaov doa éotl vo AA° dove ¢nry dovw m AM xal
wijxse aevuuergog vy A E. malw, énel dnrov dor o
dlg vno rév AI'B, vovtéons 10 MZ, ¢y aoa 7y MH
10 xal evuusrgog v JE. dovpustgos doa 1 AM zj
MH' of 4M, MH dapo ¢yral &lo. dvvduer wovov
6vuusrgor’ éx Ovo dea Svopdrav éotiv 1) AH.
Aéya 01, St xal méumoy.
‘Ouolwg pag Oeydijoerar, 6ve 76 w0 vév AKM
15 ioov éotl v amd tijg MN, xal dovpuergos 4K
KM pixee: 5 AM éoa vijg MH ysifov dvvarar ve
anmd dovupuérgov Eovri). xal slew of AM, MH [éy-
Tal] dvwdpsr uévov evhuereor, el 1 éidecwv 7 MH
ovpuergog tfj AE prxe.
20 ‘H A4H é&go éx dvo Svopdrav ietl méumey Omep
E0e detkou.
Ee'.

To énd zijg 0vo péea Svvapdvng mage ¢n-

Tty nagafailopevor wAdrog morsl TR éx dvo
26 dvoudrav ExTnw.

"Eetw 0vo péoe Svvaudvy 7 AB duponuévy xora

b

70 I, ¢y 8t foro 3 AE, xal nege wiv AE vo

1. naraensvdcdw V. Deinde a.dd yde FV.  mgd rovrov)
gozsqov, corr. m. 2, F, 4. tsrqaym:ov F, corr. m. 2. 5.
F. 7. %l 10 b. .tq]'r)b 9A1" I'B B et corr.
in 4BT V., 10. Post 4E add. pijxer m. 2 'B. 11, dM]
in ras. V. 17. ovpuéreov, sed corr., BFb. éntel] om. P,

™
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comparentur eadem, quae antea. iam quoniam
AB recta est spatio rationali et medio aeqgalis qua-
drata in I" diuisa, 4T, I'B potentia incommensurabiles
sunt efficientes summam quadratorum mediam, rect-
angulum autem rationale [prop. XL]. iam quoniam
AT 4 I'B? medium est, 44 medium est. itaque
A M rationalis est et rectae 4 E longitudine incommen-
surabilis [prop. XXII]. rursus quoniam 2 4I' >< I'B,
hoe est MZ, rationale est, M H rationalis est et rectae
AE commensurabilis [prop. XX]. itaque 4 M, MH
incommensurabiles sunt [ prop. XIII]. quare 4 M, MH
rationales sunt potentia tantum commensurabiles. ergo
A4H ex duobus nominibus est [prop. XXXVI].

iam dico, eandem quintam esse.

nam similiter demonstrabimus, esse 4K >< KM ==
MN? et 4K, KM longitudine incommensurabiles. itaque
AM? excedit MH? quadrato rectae sibi commensura-
bilis [prop. XVIII]. et 4M, MH potentia tantum
commensurabiles sunt, et minor MH rectae 4E lon-
gitudine commensurabilis est.

Ergo 4H ex duobus nominibus est quinta [deff.
alt, 5]; quod erat demonstrandum.

LXV.

Quadratum rectae duobus spatiis mediis aequalis qua-
dratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus sextam.

Sit 4B recta duobus spatiis mediis aequalis qua-

m 2 F. 20. 4H] 4M PBb, 4H in ras. V, mut. in M
m. 2 F. onsp £dec deifar] comp. P, om. BVb. 27.48 b,
wijv] ¢nurv oy F. 1) corr. ex ©d m. 1 F.
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axd tijg AB leov mugafefiiodew 0 AZ midvog
mowoty iy AH' iéyw, ot § AH éx dvo dvopdrav
éotiv Exo).

Keresoxsvdo®om pag to avre volg mpbregov. mxal
énsl 7 AB 0vo péea Ovvaudvy éotl Sipenuévn xara
w0 I, af AT, I'B &pa Ovvdus eloly daovpusTgor
movoBioaL 10 e Guyxelusvov éx TOY AX aUTOY TETQE-
yovoy uéoov xel td VX avtdv péoov xal Fri dovyu-
UETQOY TO &% TAY &N aUTGY TETQayDVEOY Cvyxelucvov
TP T aUTdY BoTe xevk te wPodsdayudve uécov
dotiy éxdregov tav A4, MZ. xal moge $yriy o
AE mogdxaitar nry dpo otlv éxarége v dM,
MH xal aovppergog 1) AE wipxs. xol émel aovppe-
Tody &6t 0 ovpxslpsvov éx tév and vdv A, I'B
16 Olg vno tdv AT, I'B, devuucrgov &oa éorl o
A4 ©¢ MZ. éovppsrgog doa xal 3 AM vjj MH
of AM, MH dga ¢yvel &let dvvaus uovov evuue-
Toou* éx dvo dga Svopdrev detlv  AH.

Aéye 81, Orv nal Exr.

‘Ouolwg 0% mdiw dsikouev, Bt1 v0 vmo tov 4 KM
loov éorl ©g amd vijg MN, xal 8u 3§ 4K off KM
wijxer &o6tly devuusrgogt xel 8ue ve avte Oy ) AM
tiig MH yetfov dvvarar td Gmd covpuéroov fovr
uijxes. xol ovdsvége tdy AM, MH ovppergog éote
tij éuxapdvy Onry tff AE pnxe.

1. loov] loov magallnidygappor V. 4. xetaoncvesto V,

sed corr. ~ b. dvo] J corr. ex p F. 6. AT] T4 F. 9.
©6 ocvyxslusvoy éx tév an’ evtév rereaywveoy Theon (BF V).
10. t¢] =6 éx tév P.  zd) om. b.  moodsdedayuive P,
corr. m. 1. 12. nopdnsavrar P.  dotiv] dori xal BFVb.
16, éoztv P.  16. MZ] corr. ex MI'm. 1 F.  17. 4M]
corr. ex AM m. rec. P. 19. &j] om. BV. 20. 3] yde
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4 KM N _ H drata in I' divisa, 4E autem
l | ‘ rationalis sit, et rectae 4E qua-
i e drajto A B® aequ?.le a.dplice.tur A4z
latitudinem efficiens 4H. dico, JH
4 I' B ex duobus nominibus sextam esse.
comparentur enim eadem, quae antea. et quoniam
AB recta est duobus spatiis mediis aequalis quadrata
in I' diuisa, AT, I'B potentia incommensurabiles sunt
efficientes summam quadratorum mediam et rectangulum
medium et praeterea summam quadratorum rectangulo
incommensurabilem [prop. XLI]. quare ex iis, quae
antea demonstrata sunt, 44 et MZ media sunt, et
rectae rationali 4 E adplicata sunt. quare utraque
4 M, MH rationalis est et rectae 4E longitudine in-
commensurabilis [prop. XXII]. et quoniam 4 I 4 I"B?
et 2 AT >< I'B incommensurabilia sunt, 44 et MZ
incommensurabilia sunt. quare etiam 4M, MH in-
commensurabiles sunt [VI, 1; prop. XI]. itaque 4M,
MH rationales sunt potentia tantum commensurabiles.
ergo 4H ex duobus nominibus est [prop. XXXVI].
iam dico, eandem sextam esse.
iam rursus similiter demonstrabimus, esse 4K >< KM
== MN?, et 4K, KM longitudine incommensurabiles
esse. eadem igitur de causa 4M* excedit MH? qua-
drato rectae sibi longitudine incommensurabilis [prop.
XVIII]. et neutra rectaram 4 M, MH rectae rationali
propositae 4 E longitudine commensurabilis est.

Theon (BFVb). mdliw] om. V. Deinde add. voi meo rovrov
Theon (BFVDb). 6] supra ser. F. 21, KM] MH F, corr.
indKMH m. 2. 22. dia tadre BYV. 28. ovpuéreov BF,
sed corr.
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‘H 4H dga éx 0vo dvoudrov dotly &xty” oOmsp
&0c Osikor.
&',
‘H 5 éx 0vo dvoudrov pijxet 6vupergog xal

5 avty éx O0vo dvoudrwv éorl xal tf rvdfer 7
avTY]. :

"Eorw éx 0vo dvopdtev § AB, xal v AB wixe
ovppsrgog fotw 1 I'd" Aéyw, ove 7} I'd éx d¥o dvo-
udrov éotl xal v vdker f avry vy AB.

10  ’Emel pag éx 0o dvopdrav dotly 1 AB, dupgicfe
elg re Svopare xarve vd E, xal fotw psitov dvope to
AE' of AE, EB &ga ¢nral slor Svvaps udvov 6vyu-
uergot. yepovéro ag 7 AB medg iy I'd, otrwg 3
AE ngds vy T'Z" xal Aowmy) &oe ) EB medg Aomqy

15 vy ZA éonv, g ) AB medg tiy I'd. cduucrpog
0t ) AB = I'd pijxse* @bppergog doa ol xal 1 piv
AE v T'Z, v 6t EB ©j; Zd. xal elov gnral of AE,
EB- {nrel dgo elol nal of I'Z, ZA4. xal [énel] éotiv
g ) AE modg I'Z, 9 EB mpog ZA. éveddaf dga

20 dotlv &g 1) AE moog EB, ) I'Z meds ZA. of 8%
AE, EB dvvdus yovov [slol] avppergor” xal af I'Z,
Z 4 Gge dvvaue udvov slol ovpusrgor. xal &loe fnral
éx 8¥o doa Svopdzev dotlv 7 I'4.

Aéyw 84, e ©ij taker dotly % avry vfj AB.

1. Omeg £ds Beikwe] comp. P, om. BFVb. 5. dotiy P,

7] m.2B. 7.9 — 8. évopdreov] mg. m. 2 B, 11. dwopxa]
om. V. 14. I'Z] mut. in BZ b. %ef] in ras. V. 15.
Z4) 4Z FV. Pd} corr. ex Ed4 F. ovupergos — 16.
pixg] m, 2 B, 16. éov{] om. b, m. 2 B. 17. Z4] corr.
ex 4Z V. of AE, EBlmg. m. 2 V. 18. sloy B. éme(]
om. P. 19. wed¢ I'Z — 20. 4AE] mg. m. 2 B. 19. mj» I'Z
BV. I'Z — mgog) supra scr. F. ziw Z4 V. é&ea] om. F.

™
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Ergo 4H ex duobus nominibus sexta est [deff.
alt. 6]; quod erat demonstrandum.

LXVI.

Recta rectae ex duobus nominibus longitudine com-
mensurabilis et ipsa ex duobus nominibus est et ordine
eadem.

Sit 4B ex duobus nominibus, et I'd rectae 4B
4 E B longitudine commensura-

‘ ‘ ‘ bilis sit. dico, I'd ex
4 duobus nominibus esse et

r 2
ordine eandem ac 4 B.

nam quoniam 4B ex duobus nominibus est, in E
in nomina diuidatur, et maius nomen sit 4E. itaque
AE, EB rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI). fiat [VI,12] 4B: I'd=AE:I'Z.
itaque etiam EB:Z 4= AB:I'4[V, 16;V, 19 coroll.].
uerum 4B, I'd longitudine commensurabiles sunt.
itaque etiam AE, I'Z et EB, ZA4 longitudine com-
mensurabiles sunt [prop. XI]. et 4E, EB rationales
sunt. itaque etiam I'Z, Z A rationales sunt. est
autem AE:I'Z =EB:Z4 [V, 11]. itaque permu-
tando [V, 16] AE:EB=TIZ:Z 4, uerum AE, EB
potentia tantum commensurabiles sunt. itaque etiam
I'Z, Z 4 potentia tantum commensurabiles sunt [prop.
XI]. et sunt rationales. ergo I'd ex duobus nomi-
nibus est [prop. XXXVI].

iam dico, eam ordine eandem esse ac A4 B.

20, oftwg % I'Z V. _ 2L elo!) om. P. _ 23. I'd] 4 in
ras. V. 24 0] om. V. 8] ow xaf BFV.
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‘H yeo AE tijg EB peifor dvwarar fitor te amd
ovpuéroov oty 1 T amd dovuuireov. & uiv ovv
n AE ©ijg EB pcifov dvverar e amd cvuuéreov
favryj, %ol § I'Z vijg Zd psifov dvvjdstar T and
ovpuérpov favry. xol & uiv evuuereds oty 1 AE
tfj éxxespévy Gnyrii, xel § I'Z evppsrgos avnfj fove,
xal O Tovto éxarépa tov AB, I'd éx dvo dvoudrov
éotl mpwry, voutéore vy vdfe 1) adwml. & 6t § EB
oVuucteds éove vf) funsuévy $nrf, wel B Zd ovu-
uergde éoniv avrty, xal dux Tovro mddw vij vake %)
avry Eotar 15} AB' éxatépa yop adrdv Eorar éx Ovo
dvoudrav dsvrépa. &l 0t ovderépa vév AE, EB ovu-
ueToog €oti tf) éuxsaipsvy ey, ovderéga tov I'Z, Z4
evpuergog avr] dovou, xal dotwy Exazégw Tolvy. & OF
1 AE tiig EB peifov dvwarar ¢ amd aovppéroov
Savrg, xol ) I'Z viig ZAd peifov 8vvarar v and aovu-
péroov favrfi. xal & ulv 1 AE ovpuerods dove i
Suncipivy $nrfl, xal § I'Z evppcrpds éotww adel, xae
éoriv Exavdoe tevogry. & 0t n EB, xal 7 ZA, xal
Sotar Enovdpa méumry. & O ovderépa vov AE, EB,
xel vov I'Z, ZA4 o0devépe Gvupstods dory i) éxxe-
uévy Gy, xnol éovar Exarége Exvy.

‘Qors 5 15 éx 0vo Svoudtwy wixsl GUvuuergog éx

1. AE] corr. ex AB m. 2 F. tii¢] corr. ex v m. 2 F,

2. dovppérov] corr. ex cvppéteov m. 2 B &f) corr. ex
3. 7iig] corr. ex ofj m, 2 F.  dovupéreov b, ¢- supra

a.dd m. 2 F. 4. 7ig] corr. ex zjj m. 2 V. 4z V.  év-
wijonree b, 5 dovppéreoy Fb, 7. I'd] postea add. F, dein
del. BT l};] postea ins. F. 9. 4Z Fb. 10. Post
dorv del. 3 m 1 toiro] corr. ex vob m. 2 F.  11. forau]
(alt.) fome b, om. V. 12, dors devréea V. & F. 13 098¢
0vdezéon BF. 14. tofn] énef b, &l 8k %] 7 8¢ b. 15,
tiis] corr. ex 7jj m. 2 F.  ovppérgov BF, sed corr. 16, Zd]
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nam AE? excedit EB? aut quadrato rectae sibi
commensurabilis aut incommensurabilis. iam si 4E?
-excedit EB? quadrato rectae sibi commensurabilis,
etiam I'Z? excedet Z4? quadrato rectae sibi commen-
surabilis [prop. XIV]. et siue 4 E rationali propositae
commensurabilis est, etiam I'Z ei commensurabilis
erit [prop. XII]; quare utraque 4B, I'4 ex duobus
nominibus prima est [deff. alt. 1], hoc est ordine
eadem. siue EB rationali propositae commensura-
bilis est, etiam Z .4 ei commensurabilis est [prop. XII];
quare rursus ordine eadem erit ac 4B; nam utraque
earum ex duobus nominibus secunda erit [deff. alt. 2].
sine neutra rectarum AE, EB rationali propositae
commensurabilis est, neutra rectarum I'Z, Z 4 ei com-
mensurabilis est [prop. XIII], et utraque tertia est
[deff. alt. 3]. sin A4E? excedit EB® quadrato rectae
sibi incommensurabilis, etiam I'Z? excedit Z4* qua-
drato rectae sibi incommensurabilis [prop. XIV]. et
sine A4E rationali propositae commensurabilis est,
etiam I"Z ei commensurabilis est [prop. XII], et utraque
quarta est [deff. alt. 4]. siue EB, etiam Z 4 commen-
surabilis est, et utraque quinta est [deff. alt. 5]. siue
neutra rectarum AE, EB, etiam neutra rectarum I'Z,
Z 4 rectae rationali propositae commensurabilis est,
et utraque sexta est [deff. alt. 6].

Quare recta rectae ex duobus nominibus longitu-

4Z F.  dvwvijoceror Theon (BF VD). ovpuérgov BF, sed
corr. 17. dont — 18. ¢nry] e corr, F. 19. omv] supra
scr. m. 1 P, Zotar FVD, 7] (prius) m. 2 P. xal forar
énardoe wéumwty] mg. m. 1 P.
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dvo Svopdraw fotl xal v vafs B avry Omep &dec

deitor.
gt

‘H vfj éx 6vo ufowv pnixer 6vuperpogs xal
5 avty éx 0vo péowv éotl xal vj vdfer 5 avri)
"Eove éx 0vo uéoav 1) AB, ol vij AB evuucrgos
ot wixee § T'd" Adyw, ovw ) T'd éx 8o péowv éorl
xed 7 vaker 7 avry v AB.
'Exel yop éx dvo uéoswv forly 4} AB, dinoriobe
10 &lg Tag péoag xave vd E' of AE, EB aga péoar &lol
dvvdust udvov evuustgor. xal yeyovérw og § AB
wed¢ I'd, 7§ AE mgog I'Z* xpl Aowmy dga % EB
noog Aowmyy v Zd éonwv, g ©+ AB mpdg I'A.
evuuergog 0t 1 AB v} I'd wijxe evpustgog dpa
16 xel éxarépe védév AE, EB éxatépe vov I'Z, Z 4.
uéoar 0% af AE, EB* péoow dpa xal af T'Z, ZA. xel
énel éovwy g | AE mgog EB, 7 I'Z mgog ZA, af
0 AE, EB dvvdue pévov eduusrgol slow, xal af
I'Z, Z4 [&ge] dvvdpes pévov evpuergol elow. 2dely-
20 Onoay 0t xal pfowr: N I'd o éx 0vo uéemv éoviv.
Aéyo 89, dve ol i} vdksr 1 avrr éove T AB.
’Exel ydg dotwv dg ) AE medg EB, ) I'Z mpbg
Z4, xal wg dga td dmd tijg AE medg ©o Umd vdv
AEB, otraog vo and vijs I'Z mgdg ©o v vév I'Z4-
25 évaddat og 70 amd rijg AE mgog 7o amd wijg I'Z,
. 1. Gmeg £ds deitos] om. BFVD. 3. £ ¢ inras. F. 4.
7] m. 2 B.  xal avey)] om. Theon (BFVb). . 9 T'a
pinee V. 8. AB] B4 P. 9. dupenuévn Theon (BFVD).
10. ef5] 4 V. "MAE]) EAP. slalv P. 12. ti» T V.
iy T'Z V. 13. Zd]inras. V, dZB. wmpw I'd V. 14,
covupetpos 8¢ b, sed corr.  15. nal 9 piv AE 1 I'Z (ZI' F),

7 6t EB ©fj ZJ (corr. ex 4Z V) Theon (BFVb). 16. péoae
0€) xal elos péoos Theon (BFVb)., xal af] naldb. 17, AE]
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dine commensurabilis ex duobus nominibus est et
ordine eadem; quod erat demonstrandum.

LXVIL

Recta rectae ex duabus mediis longitudine com-
mensurabilis et ipsa ex duabus mediis est et ordine
eadem. .

Sit 4B ex duabus mediis, et rectae 4B longitu-

dine commensurabilis sit I'4. dico, I'4 ex duabus
mediis esse et ordine eandem ac AB.
4 E B nam quoniam 4B ex duabus mediis est,
' in E in medias dividatur. AE, EB igitur
I Z 4 mediae sunt potentia tantum commensuvra-
biles. et fiat 4B: I'd = 4E:I'Z [VI, 12]. itaque
etiam [V, 19 coroll; V, 16] EB:Z4d = AB:I'4.
uerum 4B, I'd longitudine commensurabiles sunt;
itaque etiam utraque 4E, EB utrique I'Z, Z4 com-
mensurabilis est [prop. XI]. uerum 4E, EB mediae
sunt. itaque etiam I'Z, Z 4 mediae sunt [prop. XXIII].
et quoniam est 4E:EB=IZ:Z4, ¢t AE, EB po-
tentia tantum commensurabiles sunt, etiam I'Z, ZA4
potentia tantum commensurabiles sunt [prop. XI].
demonstraunimus autem, easdem medias esse. ergo I'J
ex duabus mediis est.

iam dico, etiam ordine eam eandem esse ac AB.

nam quoniam est AE:EB==IZ:Zd, erit etiam
[prop. XXIlemma] AE*: AEX EB=TZ*:TZ>< Z 4.

ABB. wwEBYV. wwZd V. 18. slet evpusreos BFVh.

19. dea] om. P.  zlol odpperoor BFVDL.  20. AT'F, ozl
BVb, comp. F. 22 ey EB BY. otteg 7 F. TIZ
T4F. 98.wwzdV,ZAF. 24 I'Z) ZTF. rza}
supra scr. Z m. 2 V. 25, ag] &ee os F.
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otreg 70 vwd 1@y AEB meds vo vmo tav I'ZA4.
ovuustooy 0% ©0 and tig AE v¢ dnd tijg I'Z* ovu-
pergoy &oo xal t0 Vo tév AEB v vmd vov I'Z 4.
elre ovv gnrov ot 1o Umd vév AEB, xal td vmo
s taov I'Zd ¢neév dotww [xel did rovré éorwv éx dvo
uéooy mowry). &lte uédov, pédov, xal ot Exarépn
devrége,
Kal O rvovwo f6ren %) I'd vfj AB vfj vafe 3
avTi]* Omsp £0s detEa.

10 &y’
‘H zij pellove avppergos xal avry psiiov
éoriv.
"Eove peltov 7 AB, xal tj AB ovppcrgog fore
% I'd* Aéyw, 6u 4 I'd pelfov éoviv.
15 dweriebe 7 AB xerd vo E° of AE, EB dgu
dvvdues slolv aovpusrgor morovoaL To piv Gvyxelucvov
é THYv an’ avTodv tevgaydvov ¢nrdv, tH 8 va’ adrov
uéoov: xel yeyovére o avre vois medrsgov. xal énel
éotwv g 1) AB medg tiy I'd, otrwg 7 1¢ AE mols
90 vy I'Z xal 7§ EB mpdg tiy Zd, xal og dga § AE
noog v I'Z, otrwg 7 EB medg vir Z 4. 6vuustgog
0t 9§ AB vy I'd" oYupusetgog dga xal éxarépa TiV
“~AE, EB éxavépe vav I'Z, Zd. xal émel éotiv og 7
AE mgog yyv I'Z, otvwg 7 EB mgog vy Zd, xal
25 évaddot oog 9 AE mpdg EB, otrwg | I'Z moos Z d,
xel ovvdévr dga dotly og ) AB modg iy BE, ovreg

1. TZd4} dinras. m. 1 b; 'dZ P, yo. I'Z4 mg. m, 1,

2, 0¢] corr. ex doe m. 2 F, 16 — 3. doa] mg. m. 2 F. 4.
lotiv B. b, fotae BFb.  woad — 6. medry] om. P. 5. éorev]
comp. post ras. 1 litt. F, forar V. 6. sizs péooy 10 vmd tH¥
AEB, péoov xal 16 9mo tév I'Z4 Theon (BF VD). 8. foro]
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permutando[V,16] erit AE?: I'Z? = AE>< EB:I'Z><Z 4.
uerum A4 E® I'Z? commensurabilia sunt. itaque etiam
AE >< EB, I'Z >< ZA4 commensurabilia sunt [prop.
XI]. itaque siue 4 E >< EB rationale est, etiam
I'Z >< Z 4 rationale est; siue medium, medium est
[prop. XXIII coroll.], et utraque secunda est [prop.
XXXVII—XXXVIII].

Ea de causa I'd ordine eadem erit ac 4B; quod
erat demonstrandum.

LXVIIL

Recta maiori commensurabilis et ipsa maior erit.
Sit 4B maior, et rectac 4B commensurabilis sit
I'4d. dico, I'4 maiorem esse,
dividatur 4B in E. itaque 4E, EB potentia in-
commensurabiles sunt efficientes summam quadratorum
rationalem, rectangulum autem medium [prop. XXXIX],
4 .p et fiant eadem, quae antea. et quoniam est
AB:I'd = AE:T'Z et AB:I'4=EB:Z4
z  [efr.p. 204,11 8q.), erit etiam AE:I'"Z=EB:Z A
Et L, [V, 11]. uerum 4B, I'd commensurabiles
' sunt. quare etiam utraque 4E, EB utrique
I'Z, Z 4 commensurabilis est [prop. XI].

om. Vb. =xal 5§ BFEVL. TI'g] 44 b, 9. neg E8ar dezgou]
comp, P, om. BFVb, 10. En'] & seq. ras. 1 litt, F.
wpelfove] o eras. b. 14. 6n el BFD, I'd] 4 post ras
litt. b.” 4ozt PV, comp. Fb; éorl xaf B.  16. AE] corr. ex
4B F.  EB] m. rec. P. aga] m, 2 F. 17. 8] & F.
o’ amwv] corr. ex vmo téy m. 1 P. 18. xal yeyovérw
yeyovéto yde P. ~ 19. 7] om. F. 20. EB] BE' F. tnv}
om, P, xal dg &oa] fory doo nal @ginras, V. 7§ AE— 21,
Zdlinras. V. 21.TZ]EBV. EB]TZV. 1w om
Bb. 22 4B] corr. ex EBm. 2 F. 24 ] (alt) om.
25. tiy EBV. v Z4 V.
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5 I'd nmgog wy 4Z* xal dg dga ©0 dmd tijg AB
7pog T0 amo tig BE, otrwg 10 dmd tijg I'd medg ©o
and vijg AZ. Spolwg 0% delfousv, Sre xal dg TO GmO
tijc AB mpdg v dmd tijg AE, otrag t0 and zijg I'd
ngds 70 and vijg I'Z. xal g &ga td amd vig AB
meog o ¢wo vév AE, EB, obrwg t0 amd viig I'd
mog ve and vov I'Z, ZA* xal édvallak dpe dotiv
wg 70 amd 7ijg AB mpog 1o amd vig I'd, odres v
and tov AE, EB mgdg ta and vev I'Z, ZA4. ovu-
pergov 0t 0 amd vig AB v¢ and viig I'd: evpucroe
dpo xal te and vov AE, EB voig and tev I'Z, Z 4.
xel dove ve: axd tov AE, EB due $qrév, xal ve and
tov I'Z, ZA dua ¢nvdv deriv. dpolwg 0% xal 76 dig
vmo tév AE, EB ovuustoov dort e dlg vmd tHv
I'Z, Z4. xoi éem péoov vo dlg vwo vév AE, EB*
uéoov &oa xal vo Olg Omo tov I'Z, ZA. el T'Z, Z A4
dga dvvdpsr aovuuergol &loL molovoaL O uiv GUYxEl-
pevov & Tov dx avtdv Tereaywvey dua ¢nrov, To
0t dlg Un’ avrdv péeov' OAy dea 7 I'd &hoyds doriv
N xedovpévy psltov.

‘H &ga 1) psltove edpuergog uelfov éoviv: OSmso
&€&t Ostou.

£8'.

‘H vy} dnrov xal géoov dvvapdvy adpusroog

[#el adTy] ¢ntov xal péeov Svvapévy éativ.

1. v 4Z] 4B mut. in 4Z m. rec. P; oy Za FV. 3.
AdZ) Zd4 F. 4. t6 éno vijs I'd meds} m.rec.P. 5. ©d] (alt.)
e corr. V. 6. z¢] z6 Fb, et B, corr. m. 2. 7. 7d] t¢ PFb,
et B, sed corr. I'Z] I'd F. - 8. twd] z6 F, et B, sed corr.

9. w¢] ©d F, et B, sed corr. I'Z) EZ b, et F, sed. corr.;
I'inras. B.  11. AE] 4 e corr. b, TIZ] EZ b, et F, sed
corr. 12. zd] 6 F. ~td] v6 PF. 13. forax V. 16. el
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quoniam est 4 E:I'"Z=EB:Z 4 et permutando [V,16]

AE:EB=T1Z:Z4, etiam componendo erit [V, 18]

AB:BE=TI'A:A4Z. quare etiam A B*: BE*=T'4*: 4 Z*

[VI, 20). iam similiter demonstrabimus, esse etiam
AB%: AE* =T4%:T'Z%

quare etiam AB%:AE® + EB:=T4:TZ% 4+ Z4°.

permutando igitur [V, 16]

AB*: T = AE® + EB: T'Z* + Z 4*
uerum 4 B2, I'/* commensurabilia sunt. itaque etiam
AE? 4+ EB? et I'Z2 4+ Z4* commensurabilia sunt
[prop. XI). et AE® 4+ EB? rationale est, et!) I'Z?
+ Z 4? rationale. eodem modo etiam 2 4 E >< EB
et 2I'Z><Z 4 commensurabilia sunt. et 2 AE><EB
medium est. itaque etiam 2I'Z >< Z4 medium est
[prop. XXIII coroll.). itaque I'Z, Z4 potentia incom-
mensurabiles sunt [prop. XIII; efr. p. 206, 15 et 22] effi-
cientes summam quadratorum rationalem, rectangulum
autem medium. itaque tota I'S irrationalis est maior,
quae uocatur [prop. XXXIX].

Ergo recta maiori commensurabilis maior est; quod
erat demonstrandum.

LXIX.

Recta rectae spatio rationali et medio aequali qua-
dratae commensurabilis ipsa spatio rationali et medio
quadrata aequalis est.

1) Post ZA lin. 13 Augustus non male addidit &'éa.

ot péoov] pécov 68 V. 16. I'Z] supra add. Eb. _ I'Z]

T inras. m. 2 P, supra scr. Eb.  17. eloly aovppsrpor BEVh,
eloww P. 19. 7 6dn Vb,  21. 8meg #3a deift] comp, P,

om. BFVb. 24, §nrév] -ov in ras. B.  26. xel adsj] om. P
Euclides, edd. Heiberg ct Menge. IIL 14
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"Eore ¢nqvov xal uésov Svvauévn 9 AB, xal jp
AB evppergog éotm ) I'A* daxvéov, 8vv nal § T'd
¢nrov xel péeov dvvauivy éotiv.

Ainorioda 1) AB &g vag ebdelng xoave 1O E° of

5 AE, EB dga dvvdps sloly aovuuergor molovear 1o
udv ovyxslusvoy éx tév an’ adroy teTgay ‘vov uédov,
70 & U’ alvdv ¢nrdv: xal Ta avre xovsexEvAED®
toig medregov. Owolwg 01 delbouev, Ovv xal af I'Z,
Z 4 dvvdpe gloly acvpustgol, xal evuusTgov To uiv

10 ovyxelusvov éx todv énd vév AE, EB vg ovyxapéve
éx tov ano tév I'Z, Z A, vo 0t vno AE, EB v vmd
I'Z, Z4" dore el vd [ptv] ovyxelusvov éx taov anxd
tav I'Z, ZA4 vergaycvov fotl uédov, vo & Tmd tédv
I'Z, Z4 gneov.

15 ‘Pnuov dpa xal uéeov dvveusvy éotlv ) I'd- Smep
E0eL dsitar. ,

o'.

‘H ©ff 6vo pfea dvvaudvy o6vuusrgog dvo
péeoa dSvvapévy éaviv.

20 “Eorw dvo pdoe dvvapdvy % AB, xeol tjj AB
ovuusvgog § I'd: deaxtéov, o xal ) I'd dvo uéown
Svvapdvy éoviy.

’Emel pag 0vo uéoa dvvauévy deriv 3y AB, dup-
ofode elg tag evdelug xave ©0 E° of AE, EB dgo

25 Ouvdust &lely dovuusTooL moLovOaL TG TE GUyxElusvoy

1. xal 7j A B] supra ser. m. 1 F. 2. dantéor] éym V.

8. éo1¢ B, comp. F'b. 7.0 F.  matacxevdoda b. 8.
af] 9 V, 11.8° P, wév AE V. 12 zdv I'Z (corr. ex
TH) V. pév] om. P. 13. terodyovoy P. 8¢ F. 15.
Gmeg 31 Beikar] comp. P, om. BFVDb. 17, 0'] seq. ras. 1
litt. F. 18, xal adry b0 V. 21, 7] fovw % V. denréov]

léyo V. 87 6u B. 24, xate o E &ls tag evdelug V.  £0-
Os[ag] m. 2 B,

™
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Sit 4B spatio rationali et medio aequalis quadrata,
et rectae 4 B commensurabilis sit '/, demonstrandum,
etiam I'4 spatio rationali et medio aequalem esse
quadratam.

-4 T dinidatur 4B in rectas in E; itaque A4 E,
l l EB potentia incommensurabiles sunt effi-
| Lz cientes summam quadratorum mediam, rect-

E | angulum autem rationale [prop. XL]; et com-
“4 parentur eadem, quae antea. iam similiter
=B demonstrabimus, I'Z, Z 4 potentia incommen-

surabiles esse et 4E? + EB: I'Z® 4 ZA4* commen-
surabilia et 4E>< EB, I'Z ><X Z 4 commensurabilia.
quare etiam I'Z® 4 Z 4* medium est, I'Z >< Z 4 autem
rationale.

Ergo I'd spatio rationali et medio aequalis est
quadrata; quod erat demonstrandum.

LXX,

Recta rectae duobus spatiis mediis aequali quadratae
commensurabilis ipsa duobus spatiis mediis quadrata
est aequalis.

Sit 4B duobus spatiis mediis aequalis quadrata,
et rectae 4B commensurabilis I'd4. demonstrandum,

etiam I'4 duobus spatiis mediis aequalem esse qua-
dratam.
T 7 nam quoniam 4B duobus spatiis mediis
aequalis est quadrata, in E in rectas diuidatur.
; itaque 4E, EB potentia incommensurabiles
E I sunt efficientes summam quadratorum mediam

4 etrectangulum medium et praeterea 4E* -+ EB?,

-B AE >< EB incommensurabilia [prop. XLI];
14¢
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 tov an’ alrdv [tevgaydvev] péeov xel 1o Um’
avrdy péoov xal #ru devpustoov TO Ovyxeluevov éx
Tdv dnd tév AE, EB tevpaydvor v vnd tdv AE,
EB* xal xaveoxsvdodo e avta vols medregov. duolmg

5 07 delbopsv, Ove xal af I'Z, Z A dvvdue elely aovp-
UETQOL Xl OUUUETQOY TO uiv oupxeluevov éx THV aml
tév AE, EB t¢ ovyxeapéve éx tdv énd tov I'Z,
Z4, vd 6t vmd vév AE, EB v vnd védv I'Z, Z4-
dote nal 1O evpxelusvov éx tov amd tov I'Z, ZA4

10 Tergaydvay uégov dotl xal vo vxo tdv I'Z, Z A uéeov
xel &t dOUpuETEOoY TO Oupxslucvov éx 1oV amd TV
I'Z, ZA4 vevgaydvov v¢ vao vov I'Z, Z 4.

‘H doo I'd 8YVo péoa dvvauévy dovly: Omeo ¥z
dsitac. ,

15 oa .

‘Pyrod xal péoov ovvridepévov téooageg
dloyor ylyvovrar ¥ror éx 0vo évoudrmv 1 éx
0v0 uéoay modty 9 pueltov 4 ¢nrov xal péoov
dvvapdv.

20 "Eotew ¢nrov udv v AB, uésov 0t vo I'd" Aéyw,
8t ) 10 A4 ywglov dvvaudvy Fror éx dvo Svoudrev
dotly 1) éx Ovo wéewv mewry % uelfav 1§ nrov xeld
péoov dvvaudvy.

To yae AB ot I'd fvor usitév éovwv 9 EAacdov.

26 d6tm modregov pstlov: xel éuxelodw $nrn v EZ, xal
nogefefiiodo mage iy EZ v AB leov ©o EH
wAdrog moroty Ty E@* 6y 0% AT lgov mage vy EZ

1. tergeydvoy] om. P, ox’] mut. in ¢z’ m.2F, é2’b. 3.
AE] (prius) corr. ex 4ABm. 2F. 5. I'Z] in ras, m. 1 P. 8.
10 8¢] Gorenal 6 P. 9. I'd, 4Z P. 12. rq'zél wV. 18. T4

o B. I'd] 4 postea ins. V.  Smso #82: d¢ifas) comp. P, om,
BFVb, 15.0f, § eras. F. 17, ylyvovtar] yvovrar BFVD et,

“\
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et comparentur eadem, quae antea. iam similiter de-
monstrabimus, I'Z, Z4 potentia incommensurabiles
esse, et 4E? + EB?, I'Z® 4 ZA4* commensurabilia,
et AE> EB, I'Z >< Z4 commensurabilia. quare
etiam I'Z? 4+ Z 4* medium est et I'Z >< Z 4 medium
et praeterea I'Z® + ZA%, I'Z>< Zd incommensu-
rabilia.

Ergo I'd duobus spatiis mediis aequalis est qua-
drata; quod erat demonstrandum.

LXXI.

Spatiis rationali et medio compositis quattuor ir-
rationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata.

4 r E ® K Sit 4B rationale, I'd
| sutem medium. dico, rectam

spatio 44 aequalem qua-
' dratam aut ex duobus nomi-
| nibus esse aut ex duabus
H I mediis primam aut maiorem
B 4 aut spatio rationali et medio
aequalem quadratam.

est enim aut 4B >I'4J aut 4B <I'4d. sit prius
AB>T'A4. et ponatur rationalis EZ, et rectac EZ
spatio 4B aequale adplicetur EH latitudinem efficiens
E®; spatio autem 4I" aequale rectae EZ adplicetur ®I
latitudinem efficiens @ K. et quoniam 4 B rationale est

~N
N,

supra add. y m. 1, P. fjzot] corr, in 7 z& m, rec. P, corr. ex &
™ V,exn Fy7ire B. 21.7Jm 2F. A44] A e cor. V.

Geo] 4 V. 27. t¢] corr. ex 76 m. 1 F.  "Post EZ add.
Theon: rovtéons iy ®H (BFVD).
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wagafefifodw o @I mdavog mowovv Ty OK. xal
énel §nrov ot v0 AB xal éoriv loov vé EH, énrov
doo xal 0 EH. xel maga [fnrqv] vy EZ magafié-
BAnrer wAdrog mosody iy E@° 17 E@® dgo gy éome
xol ovpuergos vij EZ uixer. wadv, émel uéeov éorl
10 I'd nei dovv loov vé @I, péoov &ga ‘ol xal
10 @I xal moga ¢y vy EZ magaxsitor wldtog
mowovy Ty @K+ gnryy dpa éovly § OK xal ¢evppstgog
tf] EZ wixer. xol émel uéoov éorl vo I'd, dnuov O
70 AB, devpusroov doa Zovl 1o AB vy I'd" dere
xal 70 EH dovuperedy fom t6 @I g 0 ©v0 EH
7eog ©0 @I, otrwg éotly 7§ EO@ meds vy OK* devu-
uergog doe éotl xal § EO v OK pixst. xal slow
auporeoar dnralt of E@, OK cea ¢nral el dvvdps:
udvov evpustoor’ éx 0vo &pe dvoudrev éovly ) EK
duponuévy xare o O. xal éwel peifov éorv 1o AB
tov I'4d, loov 0% ©o uiv AB v EH, ©6 0t I'd 6
@I, uetfov dga xal v6 EH tov @I xol 1) E® doa
pelfov dotl tis OK. frow ovv §) E@ vijg OK usitov
dvverer T Gmo ocvpufroov favri] wixst 1 td dwo
aovuuérgov. Ovvdodm medTegov TG dmMO GUuuETgOV
Savry* xal dovwv 3 pelfor 1 OF odupergog i) xxec-
pévy énrii i EZ° 4 Gga EK éx %o Svoparav éorl
1. @I] mut. in @H F, I eras. V. 3. xal] (prius) m.2 F.
$nriv] om. P, 4. EO] (prius) OE P. e &ea fotly 7
E® Theon (BFVb), domv P. 6. ®I] I in ras F. 7.
@®I] I in ras. F. Post mogoneirar add. Theon: zovréort:
(-cv V) wj» ©H (BFVD). 8. &ea] corr. ex fovon F. 9,
EZ] Z postea ins. m. 1 V., I'd] eras. V. 11. EH]ZH
e corr. V. @I! corr. ex @' P, I in ras. F. 12, 011 1
in ras. F. 18. foriv B. 15. EK] corr. ex E® m. rec. b.
16. Post @ ras. 1 litt. B, peffwy V, sed corr. 18. OI]

ITecorr, F. xefjm. 2F. OI]Iinras.F. 20. fevrj urjxee
om.V. 21, dovppétgov] evppérem F, corr. m. 2; cvpuéreov B,
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et 4B = EH, etiam EH rationale est. et rectae EZ
adplicatum est latitudinem efficiens E@. itaque E®
rationalis est et rectae EZ longitudine commensurabilis
[prop. XX]. rursus quoniam I"4 medium est et I'4/=@1I,
etiam @I medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens @K. itaque @K ra-
tionalis est et rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam I'/ medium est, 4B autem
rationale, 4B et I'4 incommensurabilia sunt. quare
etiam EH, @1 incommensurabilia sunt. uerum
EH:0I =E®:0K [V], 1]. quare etiam E®, 6K
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque E®, @K rationales sunt
potentia tantum commensurabiles. ergo EX ex duobus
nominibus est in @ diuisa [prop. XXXVI]. et quoniam
AB>TI'4d et AB = EH, I'41=20]I, erit etiam EH> 6L
itaque etiam E@® > ®K [V, 14]. iam E@® excedit
@K? quadrato rectae aut sibi commensurabilis aut
incommensurabilis. prius excedat quadrato rectae sibi
commensurabilis; et maior @E rationali propositae
EZ commensurabilis est. ergo EK ex duobus no-
minibus est prima [deff. alt. 1]. EZ autem rationalis
est. sin spatium recta rationali et recta ex duobus
nominibus prima comprehenditur, recta spatio aequalis
quadrata ex duobus nominibus est [prop. LIV]. itaque
recta spatio EI aequalis quadrata ex duobus nominibus
est; quare etiam recta spatio 44 aequalis quadrata
ex duobus nominibus est. iam uero E®® excedat ® K*
quadrato rectae sibi incommensurabilis; et maior E@

corr. m, 2. 22 édoriv 7] éoe B. EO F. 23. 4] m. 2 P.
#x] supra scr. b.
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mowty. ¢ty 0t § EZ- éov 0% ywelov meguéynrer vmo
énriig xol vijg éx Ovo Svoudrav mewrrg, N TO ywglov
dvvaudvy éx dvo dvopdrwv éotiv. 3 &ga to EI dvve-
uévy éx 0vo Svoudrov dotlv: dots xal 4 vo AA
5 dvvapsvy éx dvo Svoudrov fetiv. diia Oy dwdedm
7 E@ vijg OK peitov ©6 and dovupérpov favri xel
doviv 7 pelfov 1) E@ ovupueroog t xneiudvy ¢nri)
vij EZ wijner: 7 doe EK éx dvo dvopdrov forl ve-
tigry. gnry 0t 1) EZ: dov 0% ywelov meguéynror vmo
10 nrijs nel THg éx 0vo Svoudrav Terderyg, 1 TO ywelov
dvvauévny &Aopdg detiv 7 nadovudvy uelfov. 7 doo TO
EI ywglov dvvaudvy uelfov éovlv: dore xal 4 10 Ad
dvvaudvy uelfov éorviv.
"AAde 8% f6tw Ehagoov 0 AB tov I'd™ xal 76
15 EH dga Aacady éote vov @I dare xel ) E@ éAdoooy
ol tiig OK. 7jvor 0% 3 OK tfig E® usifov dvveras
7§ 4o Gvuppérgov favrii 1 TH Awo dovpuérgov. Ov-
va6fm mQoTegov TP dmd Gvuustpov Savrf wixs xel
doriv 7 éAdeoov 3 E@ evppevgog v dxxaipévy dqri
20 v} EZ wixer 7 éoa EK éx dvo dvopdrov detl dev-
vépa. ¢mray Ot 9§ EZ° ‘dav O} ywelov meguéynran Omo
$nrijs nal Tig &k 0¥o ovopdrav devrépag, 1) TO ywelov
dvvaudvy éx dvo upfewv Zovl medry. 4 dee 10 EI
qoolov Svvauévny éx dvo péowv éotl medrn' dore xal
25 9 10 AA Svvapévy éx 0vo péowv éorl mewry. dAda
o fnrév V. 3. &) néxF.  du/P. 5 &ea] corr.
ex woge m. 2 P, EI] Iin ras. F. 5. dvwvepéry] corr. ex
dovvapdvn V. 6. Ante 7 ras. 8 litt. F. @K] corr. ex OZ
m 2 F  pelforv b. avppéreov B, sed corr. 7. dativ]
dot1, supra scr. o, B; #oto P. 7] (prius) om. B. 11. psifor
V, sed corr. 12. EI] Iin ras. F. 15. 6I] @K b et corr.

ex@IF. EO&eab. #&ladoorb. 17, cvppéteov — dnd] mg.
m. 1 P.  ovppéreov] dovpuérgov V, sed o eras.  dovppézoov]

Y
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rationali propositae EZ longitudine commensurabilis
est. itaque EK ex duobus nominibus est quarta [deff.
alt. 4. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus quarta com-
prehenditur, recta spatio aequalis quadrata irrationalis
est maior, quae uocatur [prop. LVII]. itaque recta
spatio EI aequalis quadrata maior est. ergo etiam
recta spatio 44 aequalis quadrata maior est.
iam uero sit 4B < I'd. quare etiam EH < OL
itaque etiam E® < @K [VI, 1; V, 14]. verum @OK?*
excedit E®* quadrato rectae aut sibi commensurabilis
aut incommensurabilis. prius excedat quadrato rectae
sibi longitudine commensurabilis. et minor E® ra-
tionali propositae EZ longitudine commensurabilis est.
itaque EK ex duobus nominibus est secunda [deff.
alt. 2]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus secunda com-
prehenditur, recta spatio aequalis quadrata ex duabus
AT mediis est prima [prop. LV].
T itaque recta spatio EI aequalis
; \ quadrata ex duabus mediis est

B 4 prima. ergo etiam recta spatio
E 7 A4 aequalis quadrata ex duabus
v H  mediis prima est. iam uero @K?
X I excedat @E? quadrato rectae

sibi incommensurabilis; et minor E® rationali pro-
positae EZ commensurabilis est. itaque EX ex duobus
nominibus est quinta [deff. alt. 5]. EZ autem ratio-

ovpuérgor BV, sed corr. 19. %] (prius) m. 2 F, om. B.  21.
3] (alt.) m. 2 F. mweouégeror P. 28. EI] I inras. F. 24,
zoelov] om. V. 25. A4 yoelov BFD,
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07 1 OK vijg OF peifov dvvdode té énd aovpuéreov
favryj. xol dovww 1) éAdeocwv 4 E@ evuucrpog vh éx-
xepévy Onefj vij EZ° 7 dga EK éx 8o Svopdrov
dovl wéumry. nry 0% ) EZ- dov 0% ywelov meguéyyron
Umo Onrijs xed Tijg éx 0vo dvomdrov wéumrng, % Tl
qoelov Ovvauévy dnrov xal uéeov Suvwaudvy Zotiv.
7 &ga vo EI ywelov dvvauévy gnrov xel uéeov Ov-
voudvy dovlv' deve xal 7 10 AA ywelov Svvauivy
onrov xal uéoov Svveudvy dotiv.

‘Pvov &pa xal uéeov evvtidspévov véeoages dloyor
ylyvovear 1ol éx 0vo Svoudrav 1) éx Vo uéewy medry
7 pelfov 7 $nrov xol uéeov dvvaudvy: Smeg £dew deito.

off’.

dYo péowv aevuuérpov e¢liifloig ovvTide-
uévov af dotmal dvo ddoyor ylyvovrar fros éx
dvo péowv dsvréiga 9 [1)] V0 péoe dvvauévy.

Svyxelado yap dvo o aevuustox didjiowg Te
AB, T'4" Aéyw, Ot 9 10 Ad ywelov dvvapévy firol
én 0vo pdewv fovl dsvtéga 1) 0vo uéeca dvvauivy.

To pag AB o I'd djror usitév éomwv 1) EAagaov.
fovw, &l ToyoL, medrspov uelfov 10 AB vov I'd xel

1. ®E] supra ser. 7 b, ®H e corr. F, E® V (E in ras.).
ovpuitgov F, et B, sed corr. m. 2. 2. 7] (prius) om. B. 4.
dot(] postea ins. F, Zoudw P. 7. Svvapévn — 8. gmolov%in
ras. F. 9. ¢ntéy — Ovvapévn] mg m. 2 B. { PBb,
10. dvdloyoc P, sed corr. m. rec. 11, ylvovrar FVDb.  fjzo
H V. 12.9 §pov] m. 2 V.  Gmse #8er Seifer] comp. P,
om. BFVb. 13. oy’, sed corr. m. 2, F. 14. ovppétpav,
corr. m. 2, F.  ovvze@évrav Theon (BFVb); ovvridepsveor
gupra scr. m. 2 B, 16. Post 8vo ras. 2 litt. V.  ylvovra
Fb, et supra ser. y, V.  #x] 5 & V.  16. 7] deleo.  17.
ovynelo®@® FV,  zd] ©é b. 18. Ad] corr. ex T'd m. 2 F.
19. #] 7 % P. 21, & zdy01] om. Theon (BF VD).
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nalis est. sin spatium recta rationali et recta ex
duobus nominibus quinta comprehenditur, recta spatio
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est [prop. LVIII]. itaque recta spatio
EI aequalis quadrata recta spatio rationali et medio
aequalis quadrata est. quare etiam recta spatio 44
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est.

Ergo spatiis rationali et medio compositis quattuor
irrationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata; quod erat demon-
strandum.

LXXIIL

Duobus mediis sibi incommensurabilibus compositis
reliquae duae irrationales oriuntur, aut recta ex duabus
mediis secunda aut duobus spatiis mediis aequalis
quadrata. ’

Componantur enim duo media sibi incommensurabilia
AB, I'4, dico, rectam spatio 4 4 aequalem quadratam
aut ex duabus mediis secundam esse aut duobus spatiis
mediis aequalem quadratam.

nam aut AB>I'd aut AB<TI'4. sit uerbi gratia
prius 4B > I'4, et ponatur recta rationalis EZ, et

4 r spatio 4B aequale rectae EZ
adplicetur EH latitudinem effi-
ciens E@, spatio autem I'4 ae-
B 4 quale @I latitudinem efficiens
Z OK. et quoniam utrumque 4 B,
I'4 medium est, etiam ntrumque
EH, ®I medium est. et rectae

D by
T
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éunsla®o ¢nqvy 1 EZ, xel 16 pdv AB lgov mega vy
EZ nogafefiiicho to EH midvog moioiw Ty EG,
1 0 I'd isov ©o @I mhdrog mowoty iy OK. xol
énel pésov éotlv éndregov vov AB, I'd, pésov dga
5 xal éxdregov tov EH, @I, xal mage ¢nuyy v ZE
wopdxsitas whdrog moroty teg EO, OK - éxavépa dpa oy
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aevpustooy éore ©o AB v I'd, xel éotw igov vo
utv AB z EH, vo 6t I'd ©é @I, dovpusrgov &oe
10 éotl xal o EH v$ OI g 0% v0 EH mpos v @I,
otrmg dotlv ) E® mpds @K' devuuergog doa dotiv 7
EO® tj; OK wpixe. of EO, OK doo fyral sloc dvvdause
ubvov evuuergor: éx dvo dga dvoudrav éorlv ) EK.
firor 62 1 EO vijg OK pcitov 0vvaror v dmd ovu-
16 pérgov éavrf) 7 TG GmO ddvuuérgov. Ovvdodw mEs-
TEQOV TG AWO Ovuudrov favrf wixer xel ovderépa
tév E@, @K ovuucrgds éove vy éxneipdvy fnvi ©h
EZ wixer* 5 EK dga éx Vo dvopdrov derl telry.
¢nn 0 5§ EZ- édov 8% ywplov megiéynron vmo $nrijg
20 xad Tiig & Ovo dwvoudtwv TElrng, N TO YWElov Suvva-
uévy éx 0vo ufemv éovl devrdpn 7 doa O EI, tovr-
dote ©o Ad, Svvaudvy éx OVo péomv éorl devrépa.
dgide 85 7 [E@ tiig @K peifov Owwdedw vp dmo
dovppéroov fovrij wixse: xol aedpustds doTiv Exa-
25 tépe tév EO, OK tfj EZ wixe 7 dge EK éx dvo
Svoupdtmy fotlv Exry. dav Ot ywelov megiéymrar VmO
¢nriie xal thig éx 0vo Svopdrev Extng, 1 TO ywelov

L ug ¢nei F. 4] corr. ex v6 m. 2P. 2. EH] EZb.

3. Post looy add. zwaga iy ®H V, del. m, 2. 4. dnsl —
doo nal] om. b. 5. zowv] corr. ex 76 m. 2 b. EH] supra
add. ® b. ©I] O, supra add. H,b. x«/lm. 2F. 6.

“— )
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rationali EZ adplicata sunt latitudines efficientia E®,
@K. itaque utraque E®, OK rationalis est et rectae
EZ longitudine incommensurabilis [prop. XXII]. et
quoniam 4 B, I'4 incommensurabilia sunt, et 4B=EH,
I'd =01, etiam EH, ®I incommensurabilia sunt.
uerum EH:0I = E@®:60K [VI, 1]. itaque etiam
E®, @K longitudine incommensurabiles sunt [prop.
XI]. quare E@, @K rationales sunt potentia tantum
commensurabiles. ergo EK ex duobus nominibus est
[prop. XXXVI]. uerum E®® excedit ®K*® quadrato
rectae aut sibi commensurabilis aut incommensurabilis.
prius excedat quadrato rectae longitudine commensura-
bilis. et neutra rectarum E®, @K rectae rationali propo-
sitae EZ longitudine commensurabilis est. itaque EX
ex duobus nominibus est tertia [deff. alt.3]. uerum EZ
rationalis est. sin spatium recta rationali et recta ex
duobus nominibus tertia comprehenditur, recta spatio
aequalis quadrata ex duabus mediis est secunda [prop.
LVI]. itaque recta spatio EI, hoc est 44, aequalis
quadrata ex duabus mediis est secunda. iam uero
E®? oxcedat ®K? quadrato rectae sibi incommensu-
rabilis; et utraque E@, @K rectae EZ longitudine
incommensurabilis est. itaque EK ex duobus nominibus
est sexta [deff. alt. 6]. sin spatium recta rationali et
recta ex duobus nominibus sexta comprehenditur, recta

zaoaueu:a P, nupauswtcu V. mowodwse Vb. 7. @K doa V.

doriy P. 8. aodppsroog P, corr. m. rec, domw P. 4B
supra add. H V, Ju oriv] m. 2 F. 10 neés] m. 2 F. 76
wd F. 11, meog wjy V. 12, eloww P. 14, dovppéreov
sed corr. 15. ovppéreov BV, corr. m. 2. 16. aovuy,érpov
V, sed corr.; d- supra add. b m. 1,  17. fomy P, 18, wlﬂ)]
corr. Pex QT]‘Z?] m, rec. b. 25. zjj] corr. ex 7ijs B. éx] m
rec.
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dvvapévy 7 0vo péea dvvaudvy éotiv: @ere xal ) TO
Ad ywelov dvvepdvy 1 8vo uéosa dvvaudvy doviv.

[‘Ouoiwg 07 dstbopev, Ot xdv EAarrov 9) 10 AB
100 I'd, 7 16 Ad yoplov dvvauévy 1) éx 0G0 uéeor
dsvrépa fotly fjror dvo péoe dvvaudvy).

dvo dga péowv aovpuéreov diifiog evvtideuéivor
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dsvtéga 7 0Uo péea dvvausvy.

‘H éx 0vo Svoudrav xel af uer avtyv &loyor otre
v wéey otre aldjieug slelv af adral. To piv yog
awd uéong mege $nriy mapePalidusvov wAdvog morsl
oy xel devuusToov T W' WY magdxeirer uixse.
70 0% awd vijg éx Vo dvoudrwv mak fnTyy wapa-
BeAddpevoy mAdrog woisi iy éx dvo Svoudrov edTyY.
70 0} dmo Tijg éx V0 uédwv medTys Mepd SyTIY Tagn-
PeAddusvoy midrog motel Tmy éx 0vo Svopdteov dsv-
tégav. ©0 0% amd tijg éx Ovo uédwmv devrigas maga
¢y mepaPoridusvov whdzog moiel Ty éx dvo ovo-
udrov Toltyy. 6 0% amd tTig uelfovog mopa nTyv
wogafaridusvor midrog moisl Ty éx dvo Svoudrav
rerdgTny. 10 0% dwd vijg OnTov xal péoov dvvapévyg
nepr dnrny magafaridusvov midrog moisl Ty éx 0vo
dvoudrov méumryy. To 0% 4md tijg 0vo uéde dvve-
uévng mege Gy magafeiidusvov midrvog moiel v

1. % dvo] dvo BV dore nelij] ndea V. 2. ABb. ge-
glov] om. V. 7] om. BFV. 6‘00},5 P, dvom.rec. péoas F.
3. opo{mc — 5. d‘vmxysvn] om 4. 70 Ad zwouw] to
golov 0 A4 V. j]om. F. 5. 7oL 8vo péoa] 7 énror
%ol pscov B. 6.7 dvoF. 7. yvovraw PFVb. djroe 3 V.
8. #11n V. dvo]mra.smlP 9. oy, y in ras., F.
af] supra scr. b. 11. and wig F. 12. zf] corr. ex



ELEMENTORUM LIBER X. 223

spatio aequalis quadrata recta est duobus spatiis mediis
aequalis quadrata [prop. LIX]. quare recta spatio 4.4
aequalis quadrata recta duobus spatiis mediis aequalis
quadrata est.

Ergo duobus spatiis mediis sibi incommensura-
bilibus compositis reliquae duae irrationales oriuntur,
aut recta ex duabus mediis secunda aut duobus spatiis
mediis aequalis quadrata.

Recta ex duobus nominibus et irrationales ab ea
deriuatae neque mediae neque inter se eaedem sunt.
nam quadratum mediae rectae rationali adplicatum
latitudinem efficit rationalem et rectae, cui adplicatum
est, longitudine incommensurabilem [prop. XXII]. qua-
dratum autem rectae ex duobus nominibus rationali
adplicatum latitudinem efficit rectam ex duobus no-
minibus primam [prop. LX]. quadratum autem rectae
ex duabus mediis primae rationali adplicatum latitu-
dinem efficit rectam ex duobus nominibus secundam
[prop. LXI]. quadratum autem rectae ex duabus mediis
secundae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus tertiam [prop. LXII]. quadratum
autem maioris rationali adplicatum latitudinem efficit
rectam ex duobus nominibus guartam [prop. LXIII].
quadratum autem rectae spatio rationali et medio ae-
qualis quadratae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam [prop. LXIV],

zijy V. 7v] corr. ex m P, 13. 84] & P.  mogaPeid-
pevey P, 15, ©o 0é — 19. 1501."!1]1] Jmg. m. 2 V. 16. mwouei]
om, V. 17.8{] 8 P.  19. 4] &’ P. 21. &¢] 6 P. 23
6] e corr. V. 0¢] 8’ P. 24. mldzog] corr. ex mdrog m. 1 P.
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éx 0vo dvopdrov Suqy. o 8 slenuéve midry Oia-
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ol edral Gore xal avral of dioyol Sepégovary ailjiav.

oy’.

'Eov amo ¢nriig ¢nvy cpaipedy dvvape:
udvov abuuergog ovoa T Ay, u Aovwy &Aoyds
doriv: xedeic®m 0% dmoToud].

‘Ano yap Onrijs vig AB ¢nry) egnetjcdew § BIT
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Aowmy) ) AL &ioyds éovww 1) nodovuévy damovowr).

'Emsl pog aevuuereds datw 5§ AB tj BI' wijxes,
xel deTy dg 1) AB moog v BT, otrwg ©o amd Tijg
AB mpbdg 0 vmo vy 4B, BT, acvuucroov dpa éorl
70 &md vijg AB vj Vmd vdv AB, BI. dide te udv
ano tijg AB evpusted éovi ve amd vév AB, BI Ts-
rgayove, t¢ 0% vnd téyv AB, BI' ebuuergov éove 16
dlg Ym0 tdv AB, BI. xal émedijmep 12 amd Todv
AB, BI' loe. éotl t6 Olg vad tédv 4B, BI' pera tov
and I'd, xal Aowwd &g v amd tig AL dovppsrod
ot Tor amd vy AB, BI. ¢nre 0} ra dwo tov AB,

1. za 8°] Zmel 0%y td Theon (BFVDL).  elonuéva] si- e
corr. V. 3 ¢j] om. F. 4. dorz] dijlov g Theon B Vb)
5. Seq. dsvrépa zais srepwv Adywr (om. b) tdy xata o od-
ezory PBVD (uidetur fuisse in F, sed sust. reparatio); wezs
téy nat’ doalpsey ffddmy m. 2 B.  oy’] postea add. F (ab
initio . haec prop. a praecedentibus dlremgta. non erat). 7.
7], om. b. 7 Ao ] doumipe F. o BV, comp. Fb.
é] 84 B. 9. gneng] duzis F.  BI'] I'B F. 11, 7
ualovp,svn] ralelodo 0F V. 12. ao‘vpp,stqog] corr. ex &po
ovp,p,atgog m. rec. P, ex d'upmszooc m. 2 B. ) AB 2 BI"
dodppereds fore V. 18. ijv] rdg F.  14. aavp,p,sroov] -ov
e corr. V, corr, ex -o¢ m. rec. P. 16. ovpusTtoe — Td¥]



ELEMENTORUM LIBER X. '225

quadratum autem rectae duobus spatiis mediis aequalis
quadratae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus sextam [prop. LXV]. latitudines
autem, quas significauimus, differunt et a prima et
inter se, a prima, quia ea rationalis est, inter se autem,
quia ordine non sunt eaedem. ergo etiam ipsae rectae
irrationales inter se differunt.

LXXIII.

Si a recta rationali rationalis aufertur potentia
tantum toti commensurabilis, reliqua irrationalis est,
uocetur autem apotome.

A rationali enim 4B rationalis auferatur BI" po-
tentia tantum toti commensurabilis. dico, reliqguam
AT irrationalem esse apotomen, quae uocatur.

nam quoniam 4B, BI' longi-

B tudine incommensurabiles sunt, et

est AB: BI'= AB*: AB >< BI" [prop. XXI lemma],

etiam 4 B? 4B ><BI incommensurabilia sunt [prop.

XI]). uerum AB? et AB? 4 BI? commensurabilia

sunt {prop. XV], et AB><BI, 2 AB><BI' commen-
surabilia [prop. VI]. et quoniam est [II, 7]
AB® + BI* =2 AB>< BI' + I'' 4%,

etiam 4I'%, 4B% - BI" incommensurabilia sunt [prop.

XIII, XVI]. uverum 4B? 4 BI™ rationale est. ergo

|—i

mg. m. 2 B. 17. 7] ©d corr. ex r& m. 1 b. 6] zp b.

18. BI'] e corr. V. nal émeidimee 1¢] ta &ee Theon
(BFVb). 19. loa] dovpusroa Theon (BFVb).  pere zod
amo I'4] om. Theon (BFVDb).  20. xe/] in ras. V.  odp-
perox B, corr. m. 2. 21. Post BI" add. Theon: Zmel xel 7o
ano tév AB, BI' loa dotl 1 8lg vmo vdy AB, BT usia 109
&mno (rov add. V) I'4 (BFVb).

Euclides, edd. Heiberg et Menge. III. 15
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AB ¢qrov motovea o Vm6 tév AB, BI* Adym, dme
0 Aowwn) 7} AT &hoyos éetiy: xedeloBo 0% uéong dmo-
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BI" éevpueron dga ta and tidv AB, BI' ©é dlg vmo
tov AB, BI'" xal Aowmg &go 6 and viig AL dovu-
uergdy éote 1o dlg vmd vév AB, BI, émel xdv 7o
3iov &Vl atriv dodpusroov ), xal ve: & doyiis weyédn
acvppetoe fovar. dqrov 6% to Olg vwo rov 4B, BI™
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xoedelodw 6% wéang dmoroun moaTY.

og’,
‘Eav amd péeong péen apaipeds dvvduee
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1. &loyov in ras. V. doriv Goa b, dotly ) AT] wal

76 and tév A" Gore nol 9 AT in ras. m. 2 V. 2. omse
£0z deiko] comp. P, om. BFVb. 8. 08’] corr. ex o¢” F.
6. msoiéyy Theon (BVDb, mequézer F).  édome PBV, comp.

. 7. ﬁédﬂ V (seq. ras. 1 litt) et P, corr. m. rec. 10.
wotovoe] PFVb, weoiéyovon B et mg. m. 1 Fb, add. ye. Post
87 add. xal/ b, m. 2 F. 11 Zors BV, comp. F.  xeleiton P.
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AT irrationalis est [def. 4]; uocetur autem apotome;
quod erat demonstrandum.

LXXIV.

Si a recta media aufertur media potentia tantum
commensurabilis toti, cum tota autem spatium rationale
comprehendens, reliqua irrationalis est; uocetur autem
prima apotome mediae.

A media enim 4B media auferatur BI' potentia
tantum rectae 4B commensurabilis, com 4B autem
spatium rationale comprehendens 4B >< BI' [prop.
XXVII]. dico, reliquam AT irrationalem esse, uocetur
autem prima apotome mediae.
+B nam quoniam 4B, BI' mediae sunt, etiam
AB?, BI" media sunt. uerum 2 4B >< BI ra-
tionale est. itaque 4B® -4 BI® et 24B>< BI'
incommensurabilia sunt. quare etiam 2 4B>< BI’
¥ reliquo [cfr. II, 7] AT incommensurabile est,
quoniam, si totum alterutri incommensurabile est,
“4 etiam magnitudines ab initio sumptae incommen-
surabiles erunt [prop. XVI]. uerum 2 4B><BI ra-
tionale est. quare AI'® irrationale est. ergo AI'
irrationalis est [def. 4]; uocetur autem prima apotome
mediae.

LXXV.

Si a media media aufertur potentia tantum toti
commensurabilis, cum tota autem spatium medium

péon seq. ras. 1 litt. V, supra scr, ¢ F. 18, &lo/ V, comp.
Fb.  Z6z(] m. 2 F. 14. Ante &¢ del. 76 P. 15. dox
fot/b. w6 — 16. BI') mg. m, 1 P.  17. &om] corr. ex
e F. zév] om. P 21, 84] 87 P.  péen Fb. 22
05" F, sed corr. .
15%*
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8Ang uéoov mepiéygovea, 7 Aowmy &Aoyds é6riv'
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AB, BT, péoov dga xal 10 AE. xel mega dnrqy oy
AT mogaxevar wharog movovy ty AH* ey dgu doxlv
7 4 H xel aovppergog vfj AI uixer. madw, énel péoov
éotl 10 vmwd v AB, BI', nal 0 0lg dpa Vmd TV
AB, BI' péoov éoviv. wnal éotiv iGov 16 A0 xai
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7 AZ ol Govpuergog vij AI uijne. xol émel of AB,

1. mwegiéyy Theon (BFb, mequézee F). éors BV, comp
Fb. 2. wéon V, P (corr. m. rec.), F (supra scr. ¢ m. 2)
péon) supra scr. m. 1 V. I'B] e corr. V. 5. 8% zijs] ¢ P

6. 6z¢ 7] Ot nal V. d6re PBV, comp. b. 7. péon P
(corr. m. rec.), F (corr. m. 2), e corr. V. 8. AK b, et FV,
sed corr. 9. 4I] I in ras. B, 4K FVDb (in Vcorr) AE]
E in ras. B. 10. 4H] corr. ex Hd4 m. 2 F. 11. 4K
FVb, sed corr. Ante 40 del. 4E wheirog motodv oy dH
(corr. ex Hd m. 2), 76 8% Olg vmwo oy AB, BI' (supra scr,
m. 2) lsov nwaga tiy AK (corr. ex 4I) mtoaﬂsﬁlnc&m F. 12
42} Zinras. F.  ZE] 2O F, dor/] om. F.  13. xai
odpperee] om. Theon (BF VD). fouw P.  14. xar] (alt.) postea
ins. m. 1 F. 16. 4I] 4K FVb, sed corr. moLQURELTOL
om. b. Ante dH del. ZF. -16. Post 4H del. ZF. 4I
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comprehendens, reliqua irrationalis est; nocetur autem
mediae apotome secunda.

A media enim 4B media auferatur I'B potentla.
tantum toti 4B commensurabilis, cum tota autem 4B
medium comprehendens 4B >< BI' [prop. XXVIII].
dico, reliquam AI irrationalem esse, uocetur autem
mediae apotome secunda.

ponatur enim rationalis 41, et quadratis 4B%-} BI'®
aequale rectae 41T adplicetur 4 E latitudinem efficiens

4 T B 4H, spatio autem 2 4B >< BI'

' aequale rectae 4I adplicetur
Z H
|
|

— 406 latitudinem efficiens 4Z,
’ itaque reliquum ZE = 4TI

(II, 7). et quoniam 4B BI™
\ media sunt et commensura-
o E bilia, etiam 4 E medium est.?)
et rectae rationali 4TI adplicatum est latitudinem ef-
ficiens 4 H. itaque 4 H rationalis est et rectae 4TI
longitudine incommensurabilis [prop. XXII]. rursus
quoniam 4B >< BI' medium est, etiam 2 4B >< BI'
medium est fprop. XXIII coroll.]. et est = 46. itaque
etiam 4@ medium est. et rationali 471 adplicatum
est latitudinem efficiens 4Z. quare 4 Z rationalis est
et rectae I longitudine incommensurabilis [prop.
XXII). et quoniam 4B, BI' potentia tantum com-

4
|
|
I

1) Sequitur ex prop. XV et prop. XXIII coroll. ceterum
idem tacite usurpatur p. 226, 18 sq.

4K FVb, sed corr.  17. ual ©6 — 18. BI'] in ras, F. 18,
doriv] fort PBYV, comp. b; cum proximis sustulit rep. in F.

19. 4ot/ PBV, comp. Fb. 4K FVb, sed corr. 20. zaga-
xneizae F. 4H F, corr. m. 2. 21. 4H F. 4I] 4K b,
et V, sed corr.; corr, ex 41 m. 2 F.
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BI" duvduer udvov ovuustool elowy, AGUuueTQos &oe
éotlv ) AB tij BI' wixer® dovupcvoov doo xal To
and tijg AB rergayovov 16 vmd tev AB, BI. alie
T6 utv amwd g AB eVpueved ot v amo Tdv AB,
BI', ©¢ 0% vmo vdv AB, BI' o¥pueroéy dore v6 Oig
vmo v AB, BI'* daevpustoov doa édoti T0 dlg
vmo tov AB, BI' toig amo tév AB, BI. leov ot
rolg v dno vév AB, BI' ©v0 AE, v 6} dlg vmd vdv
AB, BI' ©0 40" aevuucrgov &oo [éorl] 10 AE v6
A40. og 0t vo AE medg 10 A0, ovzwg 1 HA meds

. AZ° aovupergog doo éotiv § HA vff AZ. xai

15

20

26

slow aupoteoar gnral of Goe HA, AZ §nral glo
dvvduse uovov ovpusroorr 7 ZH doa amotows] dotuw.
gy 0k ) AI' o 0% Umd Gnrijg xel @ddyov megt-
syduevoy &hoydv deviv, xal 1) dvvaudvy avrd dAoyds
dorwv. xal dvverew v0 ZE 7 AT 5 AT édga dhoydg
doriv xadslePw 0 uéeng amworoun Osvrépa. Omep
&se dsibou.
os’.

'Eev amd svdelag evdeia apaigedf dvvapss
acupergog ovea 7§ GAy, wpere 0% vig GAns
ToLoVG o To iV aw eVTHV dua ¢NTov, 16 8 UX
avtov uéeov, 1 Aowwy &Aoydg éativ: xadslcdw
0% éAdoonw.

‘Ano yop e0Bslag vijg AB ebdeia dpperiedw § BIT

1. BI'] I'B F. &oéypezoogg] ovppeteos b, 2. xai
=i P. 3. tijs  AB] om. b. 4. dorv P 5. T@] corr. ex
om. 1F. 6. dovppsroa dou dotl (om. V) ta ané rav AB, BT
16 8lg w6 vy AB, BT Theon (BFVb). 7. vmd] o- in ras. m.
1P. isov — 8 BI'l mg. m. 2 B. 8. 76] v F. 9. dou(]
om. BFVb. 11. Ha] 4HP. dZ]corr.ex Z4 V. 12
elo] eloww B.  13. éori BV, comp. Fb, 14. 4I] 4K FVb,
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mensurabiles sunt, 4B, BI" longitudine incommen-
surabiles sunt. itaque etiam 4B?, 4B><BI incom-
mensurabilia sunt [prop. XXI lemma, prop. XI]. uverum
AB:, 4B* -+ BI® commensurabilia sunt [prop. XV]
et 4AB><BI, 2 AB>< BI' commensurabilia [prop. VI].
itaque 2 AB>< BI" et 4B*+ BI™ incommensurabilia
sunt [prop. XIII]. est autem AE = AB® -} BI®,
40 =2 4B > BI. itaque J4E, 4@ incommensura-
bilia sunt. uerum AE: 4@ =Hd4d:4Z [VI], 1].
itaque HA, AZ incommensurabiles sunt [prop. XI1.
et utraque rationalis est. itaque HA, 4Z rationales
sunt potentia tantum commensurabiles. quare ZH
apotome est [prop. LXXIII]. uerum A1I rationalis est.
spatium autem recta rationali et irrationali compre-
hensum irrationale est [prop. XX], et recta ei aequalis
quadrata irrationalis est. et AI = ZE. ergo AT
irrationalis est [def. 4]; uocetur autem mediae apotome
secunda; quod erat demonstrandum.

LXXVIL

Si a recta aufertur recta potentia incommensura-
bilis toti et cum tota efficiens summam quadratorum
rationalem, rectangulum autem medium, reliqua irratio-
nalis est; nocetur autem minor.

, A recta enim 4B recta au-
B feratur BI" potentia toti incom-

4 r

sed corr.  15. 6zt PV, comp. Fb.  dpo aré Theon (BF V).
16. douv] dore PBV, comp. Fb. 9 AI'] (alt) m. 2 F.
17. éore PBV, comp. Fb. =~ 8¢] 0% éx F. uéen P, et V,

corr, m. 2,  Omso £0et deifr] comp. P, om. BFVh,  22.

8¢ F.  28. d¢re BV, comp. Fb.
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dvvduer davpustoos ovoa Tij Ay morovee T mEoxel-
peve. Adyw, 8te ) Aoumy 1 AT &loyds éevwv % xe-
Aovudvy éideeo.

"Enel pog ©o udv ovpxslusvov éx tdv amd vov AB,
BT rergaydvov ¢nréy o, 10 0% dlg Um0 Ty AB,
BI' yéoov, devuucrga dgo éotl ve dmwd tov AB, BI'
16 Olg md vdv AB, BI" xal aveeroépavre Aound
@ and vijg AT devpperga doru T amd vév AB, BI.
¢nre 0% ta dmd tdv AB, BI™ é&Aoyov éga T0 dmo
vijg AI™ &hoyog doo ) A" nedslodw Ot éAidocmv.
omep E0er Oetbou.

of’.

‘Ecv amd e0delag c0Pelo dparoedf dvvdues
devpuergog ovee tf 0Ay, were 0% wig GAng
moroToa 70 puiv cvyxeluevor éx TOV A aVTHY
teTtpayadvor wédov, to 0k Olg Un’ adrdv ¢nrdy,
N Aoumy &Aoydg doTiv: xaleledwm O 1) pera ¢nTov
uédov 1o GAov morodea.

‘Ano pog evdeleg viig AB sv¥eia apneiede n BI
dvvdus aevpusTgog ovoe tjj AB mowoiee T& moonsi-
peve: Aéyw, ot § Aoumy 1 AT &Aoydg éomwv % mposi-
onuévy.

‘Enel pep ©0 piv cvyxslpsvov éx todv amd TOV
AB, BT zerpayavev uésov éotiv, vo 0t dlg vmd Tdv

1. ovo'o: dovuusteos V. T8 ngouemeva] y.sﬂx 18 olng
tijs AB 70 _ovyxeiuzvoy éx v oo tdv AB, BI' &ue §nrow,
16 0t dlg 9o twv AB, BI' &ua péoov Theon (BFVbD). 4.
pév] m. 2 V, AB]erasm2P 5. BI' I'B P.

,tereaydvoy] [ eras. V.  éore PBV, comp. Fb. 8% dic]
o V. B, tdv] m. rec. P, 4B] in ras. m. 1P 8.
aovpperod ot T0 dmd tév AB, BI' (m. 2 Fiﬂzm amo -mg AT
(haec 4 uerba om. F) Theon (BFVb) g. vo. dnréy 8%
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mensurabilis et proposita efficiens [prop. XXXIII]. dico,
reliquam A I irrationalem esse minorem, quae uocatur.

nam quoniam 4 B®-- BI"* rationale est, et 2 4B><BI’
medium, incommensurabilia sunt A4B% 4 BI? et
2 4B >< BI'. et e contrario reliquo [II, 7] 4I'® in-
commensurabile est 4B% 4+ BI™ [prop. XVI]. uerum
AB? 4 BI' rationale est. itaque A4I'® irrationale est.
ergo AI irrationalis est [def. 4]; uocetur autem minor;
quod erat demonstrandum.

LXXVIIL

Si a recta aufertur recta potentia incommensura-
bilis toti, cum tota autem efficiens summam quadra-
torum mediam, duplum autem rectangulum rationale,
reliqua irrationalis est; uocetur autem recta cum
rationali totum medium efficiens.

A recta enim 4B auferatur recta BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXIV]. dico, reliquam AI" irrationalem esse, quam
significanimus.

nam quoniam 4 B® 4 BI'® medium est, 24B>< BI"

0 ovyxelpsvoy Fb.  dea] fozt P.  10. dloyog — AT'] om. P,
11, Gmep £8eL deifan) comp. P, om. BFVDb. 12, on 17,
49z« PBYV, comp. Fb. 4% 5] & BFVb. Supra pera scr ané
comp. m, 1D, 19. 4B] corr. ex A’ m. 2 F. 20. ova-
pszeog ovoa Svvaper V. = zj iy o Theon (BFVD).  7a
mooxelpeva) 1:o uiv ovyxelpevoy £n 0y a&mo Taw 4B, BI' 7z-
roaysvoy pécov, 16 Ot dlg vmo oy AB, BI' (mtov Theon
(BEVD). 2L fom BV, comp. F. 7 nqoupnysvn] rodslodam
Sralsnm. B) 6% 7 (om. Vb) uetd $nrov pédov 1o olov moLov o
heon (BFVD).  24. d61/ PBV, comp. Fb.
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AB, BT ¢nrév, aevuustpa oo éoti e ano rov A B,
BT 75 dlg Umo tév AB, BI™ xal Aauwdv dpa 10 amd
tijg A" aevpuergdy éove ©e dig vmd vév 4B, BI.
xel éore ©o Olg Umd oy AB, BI' gnrdv' o doa amd
tiig AT &Aoyov deriv dhoyog doa doviv m A" xa-
Aelodm Ot v pere gnrov uéeov To GAov mworovea
Omeg £0st Osttou.

’

on’.

'Edv amd eddelag e0F el dpargedf dvvapse
acuusrgog ovee Ty OAy, perd 0F zig GAng
moLoT6a T6 TE CUpnEluEVOY éx TGV AT GUVTOV
TerpayBvay wiéeov 16 te dlg U7’ adrov wicov
xel &1L Ta dn aUTWY TETQAYOVE KOLUUETQM
g Olg O’ adrdv, 5 Aowwy &Aoydg éeriv' xa-
Aelodw 0t 7 wera péoov wéeov td 3Aov mortovoa.

‘Amd pap evdelag tijg AB ebdcin dpnenedeo 1
BT dvvdus devppergog ovew tij AB mowovea To moo-
nelpeve: Afpw, Ot 1) Aowwy n AT &Aoydg éovv %) xa-
Lovuévy 7 pere uéoov uéeov O Shov movovoc.

‘Exxelodo pog fnqvy 1 AI, xel tois udv amd vy
AB, BI" leov mage iy AI megefsfiiedo 10 AE
mAdatog mootv vy AH, vd 0% dlg vmd vév AB, BI”
lsov dopeiode t©0 A0 [widvog mowovw Ty AZ].
Aoumov doe 0 ZE igov éovl v dmod vig A dore

2. BI" zetodywve BFD, BI"]‘| Bm 2V, xa]om. P,

3. ovppergoy F. 4. xal — Olg) dnzov 0% 6 V. ~ {§nudv]
om V. = 6. 0t 7] dé b. 7. Gmee £0e deifen] om. BFVD,
comp. P. 8. 08" F. 10, &¢] om, P. 11. ze] in ras. V,
pév BFb.  an’] dwd toy V. = 12. 7¢] in ras. V, 8¢ BFbh,

18, %al #7t] #r 7e¢ Theon (BFVD). 14. 1] 1éyw 8m 7 V.

Zems BY, comp. Fb. 15. 5] om. FVb, 17. v mooxsl-

peva] ©o pty ovynelpevov éx tiw dwo tdv 4B, BT tetoaydvay
péoov, to 8t Olg vmo vdv AB, BI" péoov &ve ze (om. V, m. 2 F)
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_,4 autem rationale, 4B*-- BI" et 2 4B>< BT in-
commensurabilia sunt. itaque etiam reliquum [1I, 7]
AT? et 2.4 B>< BI' incommensurabilia sunt [prop.
XVI]. et 2 4B >< BI rationale est. itaque 4I'®

I irrationale est. ergo AI' irrationalis est [def. 4];
uocetur autem recta cum rationali totum medium

B efficiens; quod erat demonstrandum,

LXXVIIL

Si a recta aunfertur recta potentia incommensurabilis
toti, cum tota autem efficiens et summam quadratorum
mediam et duplum rectangulum medium praetereaque
summam quadratorum duplo rectangulo incommensura-
bilem, reliqua irrationalis est; uocetur autem recta
cum medio totum medium efficiens.

A recta enim AB recta auferatur BI' potentia
reétae 4B incommensurabilis proposita efficiens [prop.
XXXV]. dico, reliquam AI" irrationalem esse, quae
uocetur recta cum medio totum medium efficiens.

ponatur enim rationalis 41, et quadratis 4B%-- BI"?
aequale rectae 41 adplicetur 4 E latitudinem efficiens
4 H, spatio autem 2 4B>< BI'

d Z T H

aequale auferatur 4@. itaque
I ) gl reliquum ZE = 4TI [II, 7]
\ , , quare AI" spatio ZE quadrata
y | r B

aequalis est. et quoniam 4 B*

ta dmo tdv AB, BI' deduperee 1o 8lg vwo tiv AB, BI" Theon

(BFVDL).  18. dore BV, comp. F. 7 xolovpéry] xalelofa

d¢ Theon (BFVD). 19, péoov] supra scr. F. 20, 411 4K

in ras. V, item lin, 21, 21. {oov] loov 6 JE V., v

corr. ex ¢nmjy m. 1 P, ¢neiy vjy V, m. 2 B. 76 4E] om. V,
23. mietog — A42Z] om. P.
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1 AT 0vvarar ©0 ZE. xal émel to ovyxelpevov éx
v amd tov AB, BI' rerpayavev uéoov édorl xal
dorwv loov v¢p JE, uéoov Goe [éotl] ©o AE. xal
moga gy vy A1 megdxetar nlatog ooty Ty AH'
onry &oo éotiv v AH xol dovuuergog v AI uijxet.
nedw, émel vo Olg Vmd vrav AB, BI' uéoov dorl xal
doTwv lGov v A0, 10 dox 4O péoov éoriv. xol magd
ey iy A1 megdxeiren whdvog mowoty Ty AZ-
gy doa Zotl xal ) AZ xal aevpuergog tf) AI pixse.
nel émel aovppsron éori v dmd vév AB, BI' 16 dig
vno tév AB, BI, aedppcrgov Gou xal 70 AE 6
40. dg 0t 16 AE mpog 16 A0, otrwg dori xal 7
AH moog tiy AZ* acdupsrgos doa % AH 1} AZ.
xel slow augpdrepar fnralt of HA, AZ dga ¢nral
eloL dvvduer wévov eVuuergol. amoroun deu é6Tiv 7
ZH ¢nry 0t 5§ ZO. o 0 vmod rijg xel dmoroutg
wegueyducvoy [dpdoyawviov] &loyov detiv, xal 7 dvve-
uévy adrd dloydg dovwy. xal dvverar 10 ZE § AT
N AT &g dhoydg éotv: waleledw 0% 7 pwsre wéeov
uéeov o GAov mworovoe. Omep é0e deifou.

0d’.
TH amorvoutf ule [pdvov] mgooagudts: svdsia
énTy Ovvdus, pdvov GVpueTpog ovGx 7§ JAy.

1. AT] AT peifor b.  xai]lm. 2 F. 3. {oz] om. P.

4. 41} dKinras. V, itemlin. 5,8,9; JHP. 5. ovppereos
B, corr. m. 2. 1, -m] corr. ex 7o m. 1 F.  Zotlv] ozl PBY,
comp.Fb. 9.4octwPB. xal] (prius)om. B.  10. uavyysrgogF
doviv P. 11, 76) correx 7o m. 2 F.  75] corr. ex 7 m.
2F. 12 46)] (alt) @, add. 2 m. 2, F. Zozéy PB.  xaf]
om. P. 13. =7j»] om. b, 4H] 4 in ras. V, Ha Fb. 14,
Soe]m.2F. 15 elowwP. 16.ZO) JKinras. V. 010 P.
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-+ BI”® medium est et = 4E, 4E medium est. et
rationali 41 adplicatum est latitudinem efficiens 4 H.
itaque 4 H rationalis est et rectae A4I longitudine
incommensurabilis [prop. XXII]. rursus quoniam
2 AB>< BI' medium est et = 40, 4@ medium est.
et rationali 4I adplicatum est latitudinem efficiens
AZ. itaque A4Z rationalis est et rectae A4I longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AB? 4 BI'® et 2 4B >< BI" incommensurabilia sunt,
etiam AJE, 40 incommensurabilia sunt. uerum
AdE: 40 = 4H: 4Z [V], 1]. itaque 4H, AZ in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. itaque HA, 4Z rationales sunt potentia tantum
commensurabiles. quare ZH apotome est [prop.
LXXIIT]. Z@® autem rationalis est. spatium autem
recta rationali et apotome comprehensum irrationale
est [prop. XX], et recta ei potentia aequalis irrationalis
est. est autem AI"*=ZE. ergo AI irrationalis est;
uocetur autem recta cum medio totum medinm efﬁmens
quod erat demonstrandum.

LXXIX.

Apotomae una tantum congruit recta rationalis
potentia tantum toti commensurabilis.

17. dgdoydrior] om. P. st PBV, comp. Fb. 18.
dov PBV, comp. Fb.  19. Zgze BV, comp. Fb. 4] om, P.

20. Gmee £d5¢ deifen] comp. P, om. BFVb 21. o8] corr.
ex 7' m. 2 F, 22. pdvov] om. P, udvy V et F supra scr.
oy m. 1,
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"E6tw amovoun § AB, mgocaguifovee 0% avwy 7
BI af AT, I'B épa $yral slor dvvaus pdvov 6vu-
uergor’ Adyw, Gve ) AB évéga ov moodapuolsl gnTy
dvvdust pudvov ebupustgog ovee T oAy,

Ei yag dvvardv, mgocapuolérw 7 BA' xal of
Ad, AB épa $nral o dvviust povov Gvpuscrgol.
nal émel, @ vmspéyer v dmo tdv AA, AB rov dlg
md 16y Ad, 4B, tovre vmegéyst xel Te Gmwod TGV
AT, I'B tov dlg tmd vdv AL, I'B* 6 pag avrg 6
amd vijg AB dugdrepa Omegéye’ dvalial doa, ¢ Umeg-
éer Ta amo tvév AAd, AB vov ano rov AT, I'B,
rovte Vmegéys [xal] v Olg Umo tdy AAd, 4B Tov
dlg vmd vy AL, I'B. 7o 0% amd tév AA, AB rév
and tév AT, I'B vmepéyer fnrd: dnre yag dugorege.
xel 16 Olg dpa VmO Tév Ad, AB 1o dlg vmo THV
AT, I'B vneoéyer ¢nves- Omeo éarly &dvwvarov: uéon
yoo Gugltepn, péoov 0% péoov ovy Uvmegéyer Gnre.
]} #ge AB étépa oV mgooepudlse onry dvvaus udvov
ovppergog ovow T OAy.

Mo éoa udvy vij amorouf] mgosaoudier nra Ov-
viusL ubvov 6vuusTog ovee T oAy Omeg E0su dsika.

’

',
Th wéeng dmorouf] mewry wle povov meoo-
apudlsl svPsia péon dvvapse uévov 6vuusTgog

8. gnmj] m. 2 F. 5. zeoweyofeo&m b. %ol om. B.

6. 4B] B4 F. o T$ dmo vijs) 76 F. 10, AB — dmze-
égee] dn” apgotégay 'lmeqo 7is 6 and tijg AB BFb; in B del.
m. 2, mg. 76 yae uvrm—vusgszu m 2. o] wgb 11. 44,
AI‘ Ir'B E?’ corr.m.2, amo — 12. vnsgszst] inras. F. 12,
uan] om. P, A4B] m. 2 F. 14, §nze] corr. ex nry V et
m. rec. B.  Post yae add. elow FVb, domy B. 16, 7d] corr.
extd m. 1 F. doa] om. V.  17. Post yao add. eloty Vb,
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Sit 4B apotome, ei autem congruens BI.
itaque AI', I'B rationales sunt potentia tantum
commensurabiles [prop. LXXIII]. dico, nullam
7B aliam rationalem potentia tantum toti commen-
- surabilem rectae 4B congruere.

nam si fieri potest, congruat B4. itaque etiam
+I A4, 4B rationales sunt potentia tantum com-
-4 mensurabiles [prop. LXXIII]. et quoniam
(AA*+ 4B%) 244 < AB=(A"+T'B%)+2A4'<I'B
(nam utrumque excedit eodem spatio 4 B? [II, 7}), per-
mutando erit
(AA*+ ABY)+ (AT +TB) =2 AAd>< AB+2 AT'< I'B.
uerum A 42+ 4 B excedit 4" 4 I"B? spatio rationali;
nam utraque rationalia sunt. itaque etiam 2 44>< 4B
excedit 2 4" >< I'B spatio rationali; quod fieri non
potest; nam utrumque medium est [prop. XXI], me-
dium autem non excedit medium spatio rationali [prop.
XXVI] itaque rectae 4B nulla alia rationalis po-
tentia tantum toti commensurabilis congruit.

Ergo una tantum recta rationalis potentia tantum
toti commensurabilis apotomae congruit; quod erat
demonstrandum.

LXXX.
Mediae apotomae primae una tantum congruit recta
media potentia tantum toti commensurabilis, cum tota
autem spatium rationale comprehendens.

éa-rw BF. 18. 7fj] corr. ex 7o m. 2 F, énzie V. 20.
ple — 21. 6ip] bis F, sed corr.  20. péwov BFb. _ mgoo-
agudoer BEVD. 21, Omsp £0se deifor] comp. P, om. BFVb,

22, ma’ F, et sic deinceps. 23, y,eo'qg] COTr. €x péone m.
rec. P, péom BFV, uéon b, ple] om,
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ov6e T 0Ay, pera 0% vig 8Ang fnrov meo:-
éqovoa.

"Eotew yeo uéong dmovouy medry B AB, xel Ty
AB mgooaguotévw 7 BI™ of AT, I'B doa uéoar sloi
dvvdps uévoy evpusrgor nTdv megLégovear TO VWO
tév AT, I'B* Adyw, 0t vij AB érépa ov moocagudtse
péon Suvduer wovov eVupcrgog ovewa tij Siy, weve O
tiig 8Ang ¢nrov megiéyovae.

E! pag dvvardv, mgocaguolite xal n 4B af dga
Ad, 4B péear elal dvvduer ulvov evpusroor §nrov
megiégovear ©d Vmd vov Ad, AB. wel émel, & Umeg-
éyer 1 amd vy Ad, AB vod g vwo vy Ad, 4B,
vovte vmegfys xal vé dnd tav AL, I'B zov dlg vmd
tov AT, I'B" 6 ypao avrg [mddw] vmepégovor v
ano vijg AB* évaldak dow, ¢ vmeéys TA AWO TGV
AAd, AB v axd tov AL, I'B, tovre vmepéyer xai
7o Olg vmd 1@y Ad, AB tov dig vmo tov AT, I'B.
10 0% Olg vmd twv Ad, AB rov dlg vwd Tév AT,
I'B vmepéyer dnrey® ¢nre poo qupdtspe. xal to dmd
v AA, 4B &ga tov and tov AT, I'B [rerpaycvov]
vmeQéyeL T Omeo éotlv advvarov: uéow yoo éariv
aupotegn, uédoy 0F uidov ovy vmegéysL ¢nTH.

Th é&ea péons dmovous] mowry ule wévov mEoo-
apublsr evdele péon dvvdust pdvoy ovuuetgos oveGw
tj] Ay, wera 0 vijs OAng ¢nrév megiéyoven” Omsg 05t
dcitou.

3. péon BVD, om. F, 4. meoowouotet F, corr. m, 2. af]
corr. ex el m. 1 F.  d&oa AT, 'B BFVb. &loiv B. 5.
cvupsteos V, corr. m. 1. 6. moocaouoder V. 8. megiégovoat
Vycorr. m. 1. 10. Ad] m. 2 F. &loww LB,  12. zat] corr,
ex o m. 2 F. o] zae F. Ay TBF. 13. 'fm:sgsi'zs b,
corr. m. 1. 14, ti3] corr. ex 76 V. zmaliv] om. P,  wvmse-
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A Sit enim 4 B mediae apotome prima, et rectae
AB congruat BI'. itaque 4I', I'B mediae sunt
TB potentia tantum commensurabiles spatium rationale
comprehendentes 4 I">< I'B [prop. LXXIV]. dico,
rectae 4B nullam aliam mediam potentia tantum
1 toti commensurabilem congruere cum tota spatinm
“d rationale comprehendentem.

nam si-fieri potest, etiam 4B congruat. 44, 4B
igitur mediae sunt potentia tantum commensurabiles
spatium rationale comprehendentes 4.4 >< 4B [prop.
LXXIV]. et quoniam est
(ALY AB?) -2 AA< AB == (AT + I'B?) 2 AT'<I'B
(nam eodem spatio 4 B? excedunt [II, 7]), permutando
erit
(AL + ABY)+ (AT 'B?)=2 A4>< AB—+2 AT'><T'B.
uerum 2 44 >< 4B excedit 2 4I" >< I' B spatio rationali;
nam utrumgque rationale est. itaque etiam 4. -} 4 B?
excedit 4TI - I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXIV], medium
autem non excedit medium spatio rationali [prop. XX VI].

Ergo mediae apotomae primae una tantum recta
media congruit potentia tantum toti commensurabilis,
cum tota autem spatium rationale comprehendens;
quod erat demonstrandum.

éyovay LBF., 1] rd b. 15. za] xel 7 LB. P]

@ P.  18. 760 0§ —19. I'B] »af V. ~ 20. tsroaymvwr] om
21, vnspeész P, & supra scr. B. 22, 8¢] yaoo L. 28. péan

uele';? LBFVb. 26. 8mee £dst Oeifor] comp. P, om.

Euclides, edd. Heiberg et Menge. III 16
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me'.

Ty uéeng amotous; dsvréga ula uévov mpoa-
aguols sVFela péon dvvduer uovov 6vupeTQoOg
tfj 0Any, pera 0% vig GAnc uéeov megiéygovoa.

"Eote upéeng dmotouy Osvrépe 1) AB xal tij AB
npoceoudtovea 7 BI™ of &ow AT, I'B péoar &lol
dvvdpss udvov 6UuusTEoL pédov megLéyovoar TO VIO
16v AT, I'B* Aéyw, 6t vfj AB évéon oV Ypooagudsse
e0Pciw péon Ovvdus uévov evuusrgog ovow i Giy,
pere 0% Tijg OAng wéoov megiéyovoe.

E¢ yao dvvardv, mpocaguolérw n BA® xal af A4,
AB &ge uééar elol Ovvapss udvov evupstoor uédov
weQuégovear TO Vo 1ov AA, AB. xal duxelodw $nray
1 EZ, xel rvolg pdv amd vév AL, I'B leov mage Ty
EZ moagafeflicda o EH mlatog moiovv zyv EM:
ve 0% Olg vmd tav AT, I'B leov dopericfe t6o OH
mAdrog mowovy Ty O M* Aoumdv dea vo EA loov ol
T and tiig AB' dove 7 AB ddvarer o EA. meiw
0% Toig and vév AA, AB ieov muge iy EZ moge-
Bepinedo 70 EI mharog mowovy 1y EN* &6t 0% nal
v0 EA loov ve émd vijs AB revpayove’ Aoimdv Hou
70 @I loov dotl v Olg vmd 16V, Ad, AB. xal émel
uéeor eloly af AL, I'B, uéoa doa éotl xal Ta dmd TéV
AT, I'B. xal éovww i6a v EH' péeov &pe xal o
EH. xal nega ¢y tv EZ magdxrsiver mAdrog mototw

2. pion uel péey LBFVh. porny V, 5. péon uel
péoy LBFb, e corr. V. d‘svréga] om. b, AB] B in ras.
m 1P xal t} AB] om. V. 7], 08 4 V. ~ «i] supra
scr. m. rec. b. sletv LBP. 1. zé] ¢ L? 8. zédv] om. b.

meocoguofer LBb. 11, 4B F. xal] om. B. 12, eloiy
B. 16. 4B, BI'b.  20. EI] supra scr. Z F,  fouw L.
21. xel lowméy V. 22. isov — 24. 7 EH] mg. m. 1 F.
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LXXXIL

Mediae apotomae secundae una tantum recta media
congruit potentia tantum toti commensurabilis, cum
tota autem spatium medium comprehendens.

4 B I'a - Sit 4B mediae apotome
' : "' secunda et rectae 4B congruens

j g BI. itaque AI, I'B mediae
. sunt potentia tantum commen-
surabiles medium comprehen-

dentes AI"><I'B [prop. LXXV].

H o dico, rectae 4B nullam aliam
rectam mediam congruere po-

1 N tentia tantum toti commensu-
rabilem, cum tota autem medium comprehendentem.
nam si fieri potest, congruat B4. itaque etiam
A 4, 4B mediae sunt potentia tantum commensurabiles
medium comprehendentes 4.4 >< 4B [prop. LXXV].
et ponatur rationalis EZ, et quadratis AI'® - I'B?
aequale rectae EZ adplicetur EH latitudinem efficiens
E M; spatio autem 2 AI'><I'B aequale auferatur @ H
latitudinem efficiens ® M. itaque reliquum E .4 == 4B*
[II, 7]. itaque 4B spatio EA aequalis est quadrata.
iam rursus quadratis 44% | 4B? aequale rectae EZ
adplicetur EI latitudinem efficiens EN. est autem
E 4= 4B itaque reliquum @I =2 44 >< AB [II, 7].
et quoniam AT, I'B mediae sunt, etiam 4I® - I'B?
media sunt. et 4I"?} I'B*=EH. quare etiam EH
medium est. et rectae rationali EZ adplicatum est
latitudinem efficiens E'M. itaque EM rationalis est

22. oriv L. Post Zmel del m. 1: loow 4otl 75 O P.  23.
éotiv L, elsl Fb. 24. EH} seq. {oov éotl v EH F.

16%
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iy EM: ¢nry &oa éotiv 1 EM xel dovupergos Ty
EZ wixs. mddwv, émel yéoov éotl 1o vmd tédv AT,
I'B, xoal 10 dlg vwo tdv AT, I'B péoov éotlv. xal
dotww loov 1 OH" xal v6o OH &gu péoov doviv. xei
nega fnryy iy EZ megdxsitar mwhdrog mototv T
@M gy doo dovl xal n OM xol devuusergos v EZ
prjxst. nol émel af AL, I'B dvvduss uévov evpustol
slow, aevpustgog dga éotlv ) AL vij I'B wixsr. g
0t m AT mpog iy I'B, otrwg d6tl ©o amd vig A
7pog ©0 vmd vév AT, I'B: aedupetgov dgo ozl ©o
amo tije AT 6 vmo tév AT, I'B. dAd& v pdv dno
tijig AI" evpustod éate To dmd tév AT, I'B, ¢ 0t
iné vov AT, I'B evbupsrgdy éomt 1o dlg vmd tdv
AT, I'B* aovuustoa dga dotl ta and vdv AT, I'B
©6 dlg vmd tédv AT, I'B. xel éot volg udv dmo vy
AT, I'B ioov 6o EH, ©¢ 0} dlg vmo vév AT, I'B
lgov 10 HO" aoduucrgor dga éorl v0 EH vg OH.
og 02 ©0 EH mgog 10 @H, otnwg derlv 1) EM moog
vy @M aovpuergog doe éotlv ) EM vj MO uajxe.

20 el slowy aupiregas ¢nrel of EM, MO dga ¢nral

slor dvvapss udvov GvpuerooL” damovous dew Zetlv 1)
E®, mgooaguolovon 8¢ evrf § OM. ouolwg O dsl-
Eousev, Ot nal § ON avry mwgodaguolsl vy &oo dmo-
Touf] #AAn xol &AAn meocapuder svBsin dvvdust wdvov

25 GUpuETQog ovew Tf OAp* Omep orly addvarov.

Ty dee uéeng amovouf] devrépy wlw wovov mooo-

1. EM] (alt) ENL?, MEb. 2. fotiv L. 8. dlg doa V.
dotiv] L, comp. Fb, dor/ PBY. 4. 16 ©H] om. L, m.
2 B.  édotiv] L, comp. Fb, dozf/ PBV. 6. Zoriw L. 7.
PB) in ras. V.  aevppereol F, sed corr. 9. doviv L, &oa
éotl B. 10. dedppsreoy — 11, I'B] m, 2 V. 10. Zotl
%ol B. 11, AT'] (prius) ¢ (non F, habuit B). 12. Zerew P,
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et rectae EZ longitudine incommensurabilis [prop.
XXII]. rursus quoniam AI'>< I'B medium est, etiam
2 AT’ >< I'B medium est [prop. XXIII coroll.]. et
OH=2A4I >< I'B. itaque etiam ®H medium est.
et rectae rationali EZ adplicatum est latitudinem ef-
ficiens @M. itaque @M rationalis est et rectae EZ
longitudine “incommensurabilis [prop. XXII]. et quon-
iam AT, I'B potentia tantum commensurabiles sunt
AT et I'B longitudine incommensurabiles sunt. uerum
A I'B==AI"?: A'><TI'B [prop. XXI coroll.]. quare
AI® et AT >< I'B incommensurabilia sunt [prop. XIJ.
verum AT 4TI+ I'B? commensurabilia, et 4I"><I'B,
2AI'>< I'B commensurabilia. quare A4I® - I'B?
2 AI' >< I'B incommensurabilia sunt [prop. XIII]. est
autem EH=AI? 4 I'B%, HO =2 AT'><I'B. itaque
EH, ®H incommensurabilia sunt. est autem EH:®H
=EM:0M [V], 1). itaque EM, M® longitudine in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. quare EM, M@ rationales sunt potentia tantum
commensurabiles. itaque E® apotome est [prop. LXXIIT],
ei autem congruens @M. iam similiter demonstrabimus,
etiam @®N ei congruere. itaque apotomae rectae di-
uersae congruunt potentia tantum toti commensurabiles;
quod fieri non potest [prop. LXXIX].

Ergo mediae apotomae secundae una tantum recta

16. dovew P.  17. HO] in ras. V. EH) met. in HE m.
1V, HE Bb. 18. 767 (alt.) om. b, 19. M@] in ras. m,
1B, &M P. 20. &ou] postea ins. m. 1 V. 21, &lot] om. g.

ovupeteot] -oc e corr. P, 23. @N] NV in ras, V.~ mgoo-
ceuérrer V. dmovouf tj E® V. 24, uévov] supra scr.

m. 1 F. 26. Gmeg dorly ddvvarov] om. V. 26. péop
BFVbD.
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woudts ebdele pfon Ovvdus. uévov ovppeTeog ovEX
Tfj OAy, pera OF vijg SAng uéoov meguéyovea: Omep Edse
detoe.

np’.

5 T éAdéoov: ula uévov mpocagudler svdein
dvvdpet d6Vpusreog ov6e tij 64y moLobow perd
tiig 6Ang 10 pdv éx TdY A’ avTOV TETQRYBVAY
¢nrov, 10 0% dlg vx’ avrav uéaow.

"Eore 1) éidoowv 1) AB, xal v AB mgodaguifoven

10 éorw 3 BI™ af dga AT, I'B dvvduse sloly asvppcrgoc
moLovoas TO Uty Gupxslusvov éx Tdv an’ atTdYv TeToe-
yovev ¢nrdv, vo 0 dlg O’ avrav uéeov: Adyw, Ote
7] AB évépa e0dsia ov mPoGagudcs Ta avTe molovow.

El yag dvvardv, mgooeguolérm f§ BA* xal of A4,

156 4B dga Ovvapss &lolv agvuusrgor moovoaL Te WO~
sgnuéve. xol émsl, @ Omeoéys To dmd Tav A4, 4B
téy and tdv AL, I'B, rovre vmepéyer xal o dlg
Un6 vdv Ad, AB tob dlg vwo tov AT, I'B, ta ok
and tov Ad, 4B revgdyove tov and tov A, I'B

20 TeTQapdvRY Umegéys fnTe” fyre pde dovwy dupdregn:
xel ©0 Olg Umd tov Ad, AB dga oD dlg VmO TdY
AT, I'B vmegéyer ¢nrgi® Omeg dotly advwarov: péoe
yip doTiy augdrega.

T doa éAdeeovs ‘wie wévov mgosapuolss evdein

25 duvduss ¢ovpustgog ovow T 0An xel mowovea To udv
1. ed@sie — pévoy] om. P. 2. omeQ €321 deifou) lc‘omﬁ.

P, om. BFVb. 4. mfi"] corr.ex =y’ F. &. pdvy V, pov'y ¥.

9. ] (prius) ins. m, 2 F. 10. &ee] supra ser. m. 1 V.

. gvppetoor F. 13. 4] corr. ex 7 m. 2 F. éréoar sv-
Belo F. meocaguofes b, 14. xaf] om. B. «f] om. b.
15. Ante elolv ras. 4 litt. V. td] 76 V, et F, corr. m. 2.

meostgnuéva) uiv dmo vév Ad, AB (m. 2 F) rerpdywve
(-yovey FV) due fnriv, ©0 8% dlg vmo tdv Ad, 4B péoov
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media congruit potentia tantum toti commensurabilis,
cum tota autem spatium medium comprehendens; quod
erat demonstrandum.

LXXXII.

Rectae minori una tantum recta potentia toti in-
commensurabilis congruit cum tota efficiens summam
quadratorum rationalem, rectangulum autem duplum
medium.

Sit 4B minor, et rectae 4B congruat BI. itaque
AT, I'B potentia incommensurabiles sunt efficientes
summam quadratorum ratio-
nalem, rectangulum autem du-
plum medium [prop. LXXVI]. dico, rectae 4B nullam
aliam rectam congruere eadem efficientem.

nam si fieri potest, congruat B4. itaque etiam

Ad, 4B potentia incommensurabiles sunt efficientes,
quae diximus [prop. LXXVI]. et quoniam est [II, 7;
cfr. p. 238, 7 sq.]
(AL + AB?) (AT +TB%) =2 AA>< AB-+2 A< B,
et 44 + 4B? excedit 4I'® 4 I'B? spatio rationali
(nam utraque ratiomalia sunt), etiam 2 44 >< 4B
excedit 2 4" >< I'B spatio rationali; quod fieri non
potest [prop. XXVI]; nam utrumque medium est.

Ergo rectae minori una tantum recta congruit po-
tentia toti incommensurabilis et cum tota -efficiens

A B I 4

Theon (BFVb). 16. za] in ras. m. 1 P. 17. 6] e B;
zo F, sed corr. m. 1. 18. 9w — 0¢] mg. m. 2 B, 0D
— 19, 4Bj ecorr. m, 1 F. 19, A4} 4 ecorr.m. 1 V., 20,
omegéga] m. 2 B.  elow b, 21.°&eo] m. 2 B, om. FVb.
28. Zotiv] m, 2 F 24 dea] om. P. Ante’ {a del. zy
AB m, 2 oy 25, dvvouss udvoy F a9
BETQOS FVb, et corr m. 2. =xef] om. V. m] 76 PF
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on’ adrov revgayove due $nrdv, 1o 0% dlg Un’ avraw
uéeov Omep #0s Oelfau.

wy'.
TH uera ¢nrod uédov ©0 GAov motovay pia
5 uévov wpooapuilet e0deia dvvdust aovpupcreog
o06e tf 0Ay, wsra 8% Tijg 8Ang moLoVEw TO piv
ovyxeluevoy éx TOV AT QUTOV TETQAYGBVRV
péeov, o 0% dig va’ adrav gnriv.
"Eorw 7 wsra dnsov péoov vo SAov motovew 7 AB,
10 el v§j AB mpooaguotérw % BI" of &pe AL, I'B
dvvdue elolv devppeToor molovGa Ta mWQOxslpsve®
Ay, One T AB érépa oV mgodoguies e avra
moLovaa.
E¢ pag dvvardy, mgocaguotérw v B.A* nal of A4,
156 4B dpa e08sion Svvdper sloly dovpusTpor morovoeL
T mooxelpeva. émel ovv, ¢ Umepéyst Ta amd Tov A,
4B tdv and v AI'y I'B, vovrp vmepéye xal to
dlg md twv Ad, 4B vov dlg vmwd tov AI, I'B
dxodovdmg Tols med avvod, TO 0% Olg VWO TAYV A,
20 4B vot dlg vmd v A, I'B vmepéyer fnrg* gnra
yag oty quporega’ xel ve dmd tdv Ad, AB dga
rov and tdv AL, I'B dmegéyer fnrey: Omegp éorlv
advvarov' péew ydg dovw aupdregn. ovx dga tij AB
érépa m@oGaguiesL evdsin Svvdusr devuusTog ovOw

1. rezgayovoy P, zevgayovay V, et F, corr. m. 2.  Post
énrdv add. psta vijg OAng V. 2. Gmee £de Jeifar] comp. P,
om. BFVbh., 8. #0' F. 4 pera vov V. Post ¢nrod add.
el m, 2 F. 6. uovn V. 10, xal tf 4B] om. B,  meoo-
agudtovoa Vb, meocmeudfoven 64 B, aqyo’govaa F. 1. za
mooxelusve] ©0 piv ovynslpevoy dx twy omo tav AL, T'R &
toayavoy pédov, 16 6% dig 9mo tdv AT, T'B §nudy Theon

A
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summam quadratorum rationalem, rectangulum autem
duplum medium; quod erat demonstrandum.

LXXXIII.

Rectae cum rationali totum medium efficienti una
tantum recta congruit potentia toti incommensurabilis,
cum tota autem summam quadratorum mediam efficiens,
rectangulum autem duplum rationale.

Sit 4B recta cum rationali totum medium efficiens,
et rectae 4B congruat BI. itaque 4T, I'B potentia
incommensurabiles sunt propo-
sita efficientes [prop. LXXVII].
dico, rectae 4B nullam aliam congruere eadem effi-
cientem,

nam si fieri potest, congruat B4. itaque etiam
Ad, 4B rectae potentia incommensurabiles sunt pro-
posita efficientes [prop. LXXVII]. iam quoniam, sicut
in priore propositione [p. 246, 16 sq.]

(AL + ABY)~(AT*+T'BY) =2 44> AB-+~2 A< I'B,
et 244> 4B excedit 2 A" >< I'B spatio rationali
(nam utrumque rationale est), etiam 44* - 4B? ex-
cedit AI” 4+ I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXVI]. itaque
rectae 4B nulla alia recta congruet potentia toti in-
commensurabilis, cum tota autem efficiens, quae dixi-

4 B

(BFVD). 12, 1éyo — 16. mgoxsiueve] om. P,  12. tam:u V.

14. Adl 4 e corr,m, 1 b. 16. 7 nqouslywu] 70 piv ovy-
uelpsvov % TOY omd Téy Ad, AB tstqaywvmv péoov, w0 O
8lg vmo tmv Ad, 4B (4B, B4 @) ¢nréy Theon (BFVDL). 2]
corr, ex 76 F. 18. Post I'B uacat una linea et spat. 6 litt. b.
21, dorw] om. V, m. 2 F, 23, yeg eloww V.
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v 0y, ueve O vig Sing morovew Te mEoEQNUive”
ple &oo udvov moo6agudcs’ Omeg E0er Osifar.
xd’.

T peve péoov puédov 1o GAov morovey pla
povy moodagudler svPela dvvdyuel G6VUuETQOS
ov6a tjj Ay, petre 0F Tijg OAng morodoa T4 T
6vyxelucsvoy €x THV An QUTOV TETQAYBV@Y

! ’ ¢ ] 2 ~ 4 3 ’
péoov 1o te dlg va’ avrdv péeov xal T aevpu-
peTQoY T cvyxeiuéve éx v an’ avréw.

"E6tw 7 uere puédov uééov vo oAov mwoodoa 9 AB,
nmoodgudfoven 0 avrij ) BI™ of doa ATy I'B dv-
vapel sl6ly dovpuergor moroboaL To meosipnuive. Aéyw,
ote ©j] AB évépa 0¥ moGooudcel moloUoe To WQOsL-
onuéve.

E¢! pag dvvardv, mpodaguolétw 4 BA, dove xal
tag Ad, 4B dvvaus acvuudreovg Evor moLoveNg T
te dwo tov Ad, 4B vergdyove Gue picov xel To
dlg vmd 1oV A4, AB pééov xal v T 4md tdv Ad,
A4 B covuusron 16 Olg vno tov A A, AB* xal dneledo
onvn ) EZ, xel voig pdv and rév AT, I'B leov mega
vijv EZ mapefefiiode to EH mlavog mwowovy i

1. ta meosonuéve] 16 piv ovyrelpevoy éx tdv an’ avrov
Terouydvay péoov, ©6 0% dlg O’ adrdy ¢nrév Theon (BFVb),

2. ple &oo] tff dow perd §nrod pécov to Glov worovey pic
BVDb et F, om. ple. meocaopdfee Vb, el ra é&fjg F.  Gmse
#3ce 8sifo] comp. P, om. BFVb. 3, #d']sicm. 2 F. 5.
wovoy BFb.  Post dvvdps: del. pévoy m. 1 P. 8. 7o “(1
xel 6 Theon (BFVD). Y7o Ty b, aovppergog F, se
corr. 9. 70 cvynelusvoy éx tdy am avtev T Olg va’ adrow
Theon (BFVb). 11. evey] om. Theon (BF VD). 12. ta
ngostonuéve] 0 & (uév F) ocvyxslusvov éx vav an’ avrev te-
Toayvoy pidoy xal ©6 dlg vmé tév A, I'B (9x’ ovzay V)
péoov, #ne (corr. ex dorc F) 6t ta dno tév AT, I'B tergiyeve
(vd add. F) devpperea t dlg vné 1oy AT, I'B Theon (BF Vb).
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mus. ergo una tantum congruet; quod erat demon-

strandum.
LXXXIV.

Rectae cum "medio totum medium efficienti una
tantum congruit recta potentia toti incommensurabilis,
cum tota autem efficiens summam quadratorum mediam
et duplum rectangulum medium praetereaque summae
quadratorum incommensurabile.

Sit 4 B recta cum medio
totum medium efficiens, ei
E o M N autem congruens BI itaque
4’y I'B potentia incom-
mensurabiles sunt efficien-
tes, quae diximus [prop.
z 4 H I LXXVII. dico, rectae 4B
nullam aliam congruere efficientem, quae diximus.

nam si fieri potest, congruat B, ita ut etiam
AAd, 4B potentia incommensurabiles sint efficientes
A A + 4B* medium et 2 4 4>< 4B medium et prae-
terea AA4* 4 A4B%, 2 44 >< 4B incommensurabilia
[prop. LXXVIII]. et ponatur rationalis EZ, et qua-
dratis AI"® 4- I'B® aequale rectae EZ adplicetur EH
latitudinem efficiens E M, spatio autem 2 AI'><I'"B ae-
quale rectae EZ adplicetur ®H latitudinem efficiens @ M.

A B r 4

13. Post npoaaqydo‘s; add. Theon: dvwapst uwyyeroog oton
tj oly, peve OF g 0Ane (BFVD).  mosignuéve] -gi- in ras.
m. 1 P, meoxeipeve Theon (BF VD). 16. sivou &uvm&ezgovg
BFV, elowv dovup. b. 7 2] 6 v& P, & pév BFDb, vd ¢
cwyuelp.wov ecorr. V. 17. amd] éx V. Ad, 4B] in ras. V.

n-roaymmv P et V (supra -av ras. est). aya] supra ser, V.

;supra ser. V. 18. vw6 — AB] i’ abrdy V.  d]
om. 19. Post 4B del. m. 2 tsroayova V.  dodppstgoy P,
20. toig] corr. ex zovg m. 1 V.
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EM, ©g 0t dlg vmo tév AT, I'B loov mage v EZ
nepafepliiedo 16 @ H widrog woroty Ty OM* Aoimov
doa ©o dmd tijg AB loov otl 15 EA* 7 dga AB
Ovvarer 10 EA. mdiw voig amd tov Ad, AB ieov
nepe vy EZ moagafeflijofo vo EI midrog moiody
v EN. {otv 0% xal ©0 ano tijs AB leov 1 EA-
Aoumov doo O Olg vmd ey Ad, AB leov [éorl] 6
@I xol émel uécov 6Tl TO GUpnslusvov éx TGV Amo
rov AT, I'B xai éovw igov v¢p EH, péoov dge éorl
xel vo EH. xol woge ¢npny vy EZ mogaxevar mhatog
nwovodv vy EM: ¢nry) dpa éotlv v EM xal devu-
uereog vj EZ pijner. mdlw, émel péoov derl 1o Olg
vno vév AT, I'B xal éetwv loov te @ H, uécov dgu
xel 160 OH, xol maga gnzyw vy EZ magaxsitar
mwAdrog moroty iy OM' ¢nry dga dotlv  OM xal
aovppcteos v EZ uijxer, xol émel aevpuctod ot
te awd vév AL, I'B 1 dlg vmd tdv AT, I'B, devu-
uergov éore xel vo, EH v O H" dovppergog doo éotl
xel 7 EM tj MO wixs.. xoi elowy aupiregar ¢yrel
af Gga EM, M® $ryral slor dvvipes povoy cvuustgor’
amotous) doa éotly 7 EO, mpoowguifovon 8% avry 7
OM. opolmg 01 dslfousv, Ot 1j EO mdly dmorour]
oy, mgodapudfovea 8 avej 1) ON. tjj doa dmworouf]
GAAn xel GAAn moodagudlee gnry Svvdue pdvov cvu-
pETQog ovGa Ti) 0An" Omep E0&lydy ddvvarov. ovx How
©ij AB éréga mgocagudos sUdsic.

1. mege — 2. naoaﬁsﬁlnaﬂm] dpyeioda V., 2. H® B.
M@ inras. V, ON F. lonéy — 6. EN] mg. m. 1 F. 4.
tois uév P. 6. wijv] bis V. 7. éot(] dotlv P, om. FVb,
m. 2 B. 9. t¢) 70 F. mov——lOEH]m.m2V
om. xel. 13. vg] corr. ex 70 V, 7o F. OH] HO" F. 15,
énrh — OM] mg. m. 1 P (dori ﬂ]) 17. dovpustooy — 18,
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itaque reliquum [II, 7] 4B*=EA. quare 4B spatio
E A aequalis est quadrata. rursus quadratis 4 4% 4 4 B?
aequale rectae EZ adplicetur EI latitudinem efficiens
EN. uerum etiam 4B*= E . itaque reliquum [II 71
244> 4B=01I.
et quoniam AI"* 4 I'B® medium est, et AT+ I'B*—=EH,
etiam EH medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens EM. itaque EM ra-
tionalis est et rectae EZ longitudine incommensura-
bilis [prop. XXII]. rursus quoniam medium est
2AI'>}XTB, et 2 AI'>< I'B = @ H, etiam ® H medium
est. et rationali EZ adplicatum est latitudinem efficiens
OM. itaque @M rationalis est et rectae EZ longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AI'*4-I'B? et 2 A'><I'B incommensurabilia sunt,
etiam EH, ®H incommensurabilia sunt. itaque etiam
EM, M® longitudine incommensurabiles sunt [VI, 1;
prop. XI]. et utraque rationalis est. itaque EM, MO
rationales sunt potentia tantum commensurabiles. quare
E@® apotome est [prop. LXXIII] et ®M ei congruens.
iam similiter demonstrabimus, rursus E® apotomen
esse, el autem congruentem ®N, itaque apotomae
diuersae rectae congruunt potentia ‘tantum foti com-
mensurabiles; quod demonstratum est fieri non posse
[prop. LXXIX]. itaque rectae 4B nulla alia recta
congruet.

OH]lmg.m.1V. 18. &ou d6z/ BFb. ©OH)] HO®'F. éorly

PB.” 19. pnjue] om. b. 21, meoswguérrovea V. 22, GMl

HO b, et F, corr ex M@. 23. éon PBV, comp.Fb. 24. xa

&y 6711: B. ém'q] m. 2 B, 25. ¢dvvaro 48ely9n V.
26. Post 4B del. svfeiw m. 1 V., ngooagudfss b.
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Ty doo AB ple povov mpocagudlel evdein Svvdus:
d6vuusTeos ovda Tf GAy, peve 8% tijg GAng morovew
Td e AT aVThY TETEdyave Gua uégov xel to dlg vn’
avtdy pécov xal &ri Ta AT AVTOV TETPAYWVE AEUU-

5 uerga T Olg vn avrdy’ Smep #0er dsifar.

Veoe TolroL

o’. ‘Troxeipévnyg ¢nrijg xal dmoroudjs, éav udv 5 oAy
ijg woooapuolovong peifov dvvnras TH dmd GupugTgov
éovtf] wixet, xel 1§ OAn elupergog 1) Ti Exmewpévy

10 Onzf] pijxe, xeAelodo amozouy wedTy.

B'. 'Eav 8¢ 7 mpooeguifovea evuustoog 7 Ti &x-
xewuévy Onry wijxer, xel % 8y Tig mposaguofovens
uetov dvvmrar Td amd ocvupérgov éavri, xedelcdw
amoroun Sevrépa

15 7" 'Edv 0% undstéon cvpuergog 7 i Sumerpévy
¢nTi wixer, 7 08 OAn tijg moocaguofovens usifov dv-
vren T amd ovpuérgov favri), xelslcdw dmotous
TolT.

0'. Hdiw, éov ) 6An vijs moocaguolovens usifov

20 OvvnTen TQ amd devpudrgov fovry [wixel], v pdv

7 8An ovuuetog 7 T énxevuévy fyri wixs, xedslofo

dmoTONT) TETAQTY.
. ’Eay 8% 1 mpooagudfovee, méumTy.
§. ’Eav 0% underéoe, Exty.

1 powvn V.  meoseeudoss BFV. 8. 7d¢] om. b, =6 P.
vergayovoy P.  péon V. 4. xal é'zg fre. e BFVb. 5.
(]

0s] om. b. avtev] eras. B, onsq ) augm] om. BV,
6. 6got 7ofros] PV, mg. m. 2 B, om. ,m. b, mg. m. 2 B.
numeros om. codd. 7. 17] om. B. 8. dvwara Q.  aovp-

wétgov BV, sed corr. 9. n] supra ser. m. 1 b, om. V. 11,
e V. 12. xal 7 — 13. féavryi] om. Fb, mg. m. 2 B, 12.
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Ergo rectae 4 B una tantum congruit recta potentia
toti incommensurabilis, cum tota autem efficiens sum-
mam quadratornm mediam et duplum rectangulum me-
dium praetereaque summam quadratorum duplo rectan-
gulo incommensurabilem; quod erat demonstrandum.

Definitiones tertiae.

1. Datis recta rationali et apotome, si tota qua-
drata congruentem excedit quadrato rectae sibi com-
mensurabilis, et tota rationali propositae longitudine
commensurabilis est, uocetur apotome prima.

2. Sin congruens rationali propositae longitudine
commensurabilis est, et tota quadrata congruentem
excedit quadrato rectae sibi commensurabilis, nocetur
apotome secunda,

3. Sin neutra rationali propositae longitudine com-
mensurabilis est, et tota quadrata congruentem excedit
quadrato rectae sibi commensurabilis, nocetur apotome
tertia. '

4. Rursus si tota quadrata congruentem excedit
quadrato rectae sibi incommensurabilis, si tota rationali
propositae longitudine commensurabilis est, uocetur
apotome - quarta.

5. Sin congruens ei commensurabilis est, quinta.

6. Sin neutra, sexta.

%ecf] supra ser. m. 1V, 13. 6vvamc PV. Post xelelofo
ras. 2 hitt. V. 16. &£ V. _ 16. n 8t 6in — 17. éowrf) om.

Fb, m. 2 B, 16. ddvarae V. 7] m. 2B, mQo0-
aepo{ovum B, sed corr. (ante zije ras 1 1itt.).  20. avﬁpstgov
1.

B, corr, m. 2 rpm] om. P.  pév] supra ser, m. 1
1'1] m. 2 B. 24. -ox & in ras. m. 1 P.
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xe’.
Edgeiv v moatyv dmoTouv.
‘Exxelodo ¢nry n A, xal tf A pijxs 6VuueTgog
¥otw 1) BH* ¢noy) dtoee dotl xal ) BH. xal éxxelodmoay
5 0vo terpdymvor agiiuol of AE, EZ, av 1) vmegoyy 6
Z 4 wy te tetpdyaveg ovd’ dea 6 EA medg tov
AZ Adyov &g, Ov Tergdymvog dpududs medg TETEE-
yovov Goududy. xal memonjodw wg 6 EA meog tov
AZ, otrwg 1o amo vijg BH tevpaymvov meog 10 amd
10 7ijg HI tergdyovov: elpustgov dga d6tl 6 amd tijg
BH i¢ and tig HI. ¢nrov 8% ©0 amd vijg BH:
nrov doa xel o amd viig HI $nry) dga dori xal 4
HI. xal énel 6 Ed mpog vov AZ Adyov ovx &ye,
0v TeTgaymvog doLdudg medg TeTdymvoY doLdudy, ovd’
15 dga 70 awd viig BH mpog 10 and tijg HI Adyov ¥y,
0V TeTiyovog agududs mEog TETQAywVOV GQUIUOY”
aevuuscrgog Goo éotlv ) BH ©ff HI' wijxe. xal slow
augdrsgas fnral: af BH, HI' dga dyrel slor Svviust
povov evupucrgor’ 7 dga BIT dmotous] éorwv.
20 Aéyw 01, 6t xal madTy.
Qu pog pettov dove vo dno viig BH vob amd tijg
HT, 6t ©0 amd tijs @. xol émel éovv ag 6 EA
ngog tov ZA, ovrmg to amd vijg BH meds 70 amo
vijg HT, xal dvasroéyave dga éovlv dg 6 AE moodg
95 10v EZ, ottws 70 amd 7ijg HB mpdg ©d amd vijg O,
1. me’] om. BFb., 8. §yei] m. 2B. pixe]om. V. 4.
forw) fovar F, corr. m. 1; fotm prjxee V. otiv P. BH
corr.ex HBV. 6. 7] m.2F. 8. 4Z BVb. odx FV.
9. 4Z] "Z4’ F. 8. memoelc®o F. 6] m. 2 F. 10.
tetoayovoy] om, V.  evmpsreos V, corr. m. 1. dotly V.
11. HB F. HI'] supra scr. ® b; €' F, sed corr. (?).

¢nov — BH]m. 2 B. 13, HI'] in ras. V, corr. ex I'd
m. 1b. 14, dodudg] om. V. ofudr] om, V.  oudé
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LXXXYV,

Inuenire apotomen primam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit BH. itaque etiam B H rationalis est.
et ponantur duo numeri quadrati 4E, EZ, quorum
4 B T H differentia Z4 quadratus
Py o . numerus ne sit [prop.
E z 4 XXVIII lemma IJ. itaque
E A: AZ rationem non habet, quam numerus quadratus
ad numerum quadratum. et fiat E4: JZ = BH?: HI"®
{prop. VI coroll.]. itaque BH?, HI™ commensurabilia
sunt [prop. VI]. uerum BH? rationale est. itaque
etiam HT™® rationale est. quare etiam HI" rationalis
est. et quoniam EAJ : 4Z rationem non habet, quam
numerus quadratus ad numerum quadratum, ne BH?*
quidem ad HI™ rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque BH, HI lon-
gitudine incommensurabiles sunt. et utraque rationalis
est. itaque BH, HI rationales sunt potentia tantum
commmensurabiles. ergo BI"apotome est [prop. LXXIII].

Tam dico, eandera primam esse.

sit enim & = BH®— HI"™ [prop. XIII lemma]. et
quoniam est

Ed:724=BH®: HI,
etiam conuertendo [V, 19 coroll.] est
A4E:EZ = HB?: 6
uerum A E: EZ rationem habet, quam numerus qua-
dratus ad numerum quadratum; nam uterque quadratus

FVb. 15. doa] supra ser. m. 1 V. HI'l e corr. V. 17,

BH] HBg. 18.slow P, 19, &0t V, comp. b, &loe comp. .
22. @] in spat. 2 lith. 9. EAJ] JE V.  28. 7dv»] 16 b,
4Z BVb. 24. JE] in ras, m. 1 P,

Euclides, edd. Heiberg et Menge. IIIL 17
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& 0 AE mpdg tov EZ Abpov Eyer, 8v revedymvog

10

20

2b

agudpog TPOg TETEHYVOY GQLIUCY" ExdTEQOS YOO TE-
rpdyavds dotiv xal v amd tijs HB &ga meds 70
ano tijs @ Adyov e, ov rergdywvos aguduog meog
reTedyovoy douBudy evpustgog doa éoviv % BH
® wixst. xel dvvever y BH vijg HI' psitov o dxo
tijg @ 5 BH &oa vijg HI' peitov Ovverar te dmo
ovppérgov éavry wijxe.. xol éotww % 6An 7; BH ovu-
uergog T duxapévy ¢nrii wixes v A. % BI' dga
amorous] 6T. mMEWTY.

Evonrew dge 1 meaity dmotouny 7 BI" Omeg £0sc
evQEiY. )

s .

Edgeiv Ty devrégav dmoTounv.

Exxelodw ¢nry 1 A xel tf) A oluusrgos wirse
n HI. §qvy dga éotlv 5 HI. xal dxxeioBwoay dvo
tetpdyavor agudpol of AE, EZ, dv % vmegoyy 6 AZ
w1 é6T® TETQUYOVOg. %0l WEMOoD® g O Z A medg OV
A E, otrwg vo axd g I'H terpdywvov medg T0 and tijg
HB tergayovoy. evpuergov dgu é6ti vo dnd viig I'H ve-
Teayavoy 1 and vijg HB tergaydve. ¢nrov 0k o éro
vijc TH. gnrov dga [éovl] xal 16 dnd tijg HB" ¢nri) dpa
dotlv 9) BH. xal énel v and vijg HI tetpdymvov medg 1o
and rijg HB Aépov ovx Eyeu, Ov rerodynvog aoidudg meog
TeTgdyavor agududy, aovuusteds ety f§ I'H vij HB
uijxee. xel elow dupiregar ¢nrelt of TH, HB é&pe

1. EZ] inras. V. . Post loyov del.ovx F. 2. tazgaywvog]
vevgaywvoy F, sed corr. 3. dome PBYV, comp. Fb.  &ga] om. P.

4, @]H@b 5. BH] HB P. 6.1ns]znb 7. @. 73]

©®H b; HO. 5 F. 8. dovpuérgov P, et eras. a- V. 7}
(prius) om. BVb. 9. y.r,nsz] om. F. 1 4 wjxer BV, 13,

s ] om. F, in figura =&, 14 rrv] supra scr, m. 1 P. 15
dedppstgog P, corr. m. rec.; ovupergos forw V. 16. oty
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est. itaque etiam HB?:@® rationem habet, quam nu-
merus quadratus ad numerum quadratum. quare BH, ®
longitudine commensurabiles sunt [prop. IX]. est
autem BH® —+ HI™ == @ itaque BH quadrata ex-
cedit HI' quadrato rectae sibi longitudine commensu-
rabilis. et tota BH rationali propositae 4 commen-
gurabilis est. itaque BI' apotome prima est [deff.
tert. 1].

Ergo inuenta est BI" apotome prima; quod erat in-
ueniendum.

LXXXVIL

Inuenire apotomen secundam.

Ponatur rationalis A et rectae 4 longitudine com-
mensurabilis HI. itaque HI rationalis est. et po-
nantur duo numeri quadrati 4E, EZ, quorum differentia
AZ numerus quadratus ne sit [prop. XXVIII lemma I].
et fiat ZA4: 4E= T'H?: HB® [prop. VI coroll.]. itaque
I'H®, HB? commensurabilia sunt [prop. VI]. uerum
I’H?® rationale est. quare etiam HB? rationale est.
itaque etiam B H rationalis est. et quoniam HI™: HB?
rationem non habet, quam

l———A—l numerus quadratus ad nume-
B r H yum quadratum, I'H et HB
e longitudine incommensurabiles
JIE—__Z’ 4 sunt [prop. IX]. et utraque
— rationalis est. itaque I'H, HB
el n P. 17. teredywvor] om. F, ins. m. 2 ante dvo. ]

o
n V. 18, memoislofw F. 4Z FVh. 20. ovupsrgog P,
corr. m. rec. 21. zerpaydve] om. V. 22. fezi] om. BFVDh.
25. doriv] &oa ¥ damew (sic) b, doa éotiv V; doo add. m. 2 F.
HB] BH BF.  26. pijxee] e corr. V. HB]} Becorr. V.
&'ga] om. Po.
17%
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dnral &lor Svvduse wovov ovuuergor: 1 BI' dga dmo-
Topr] doriv.

Aéyo 87, 61 xal dsvrépe.

‘Qu yap wpeifov éove vo amo tiig BH vob amd tijg
HT, Z6vo 70 amd vijg @, ZImel ovv demiv dg T dmod
vii¢ BH mpog to and vijg HI, otrwg 6 EA aguduog
wedg tov AZ dgidudv, avacteépavte doa fotly g
70 amd rijg BH mpdg 0 amd tijg @, ovrwg 6 AE
ngog tov EZ. xal doviv éxdregog tov AE, EZ ve-
Tpdywvog® O dpa amd tijg BH medg ©o amd tijg @
Adyov Egeu, ov Tevgdymvog aguuds medg TETEALy@VOV
apLdudy: evppcrgog dpa éotlv ) BH tf; @ uijxer. xal
0vvarer  BH vijg HI' psifov ©¢5 énd vijgs @ 7 BH
doa tig HI ueifov dvverer 16 dmo ovpuétgov éavry
wixer. xol deTiy 1 mgodeguéfovea v I'H v éuxsipévy
¢ ovupergog 1 A. 1 BIN dga amotopt] d6vi devrépa.

Ebgnron dpa devrépe amoroun n BI* 8msg &0e
dctkou. ’

g’

Evesiv tyv tolrnv dmozourv.

"Exxelodo fnsn 1 A, xal xxsledncay toelg doiduol
of E, BI', I'4 Adyov uy &govreg medg arijlovg, ov
TETREYOVOS AQuiuds WEods TETEAywVOY dgududy, 6 0F
I'B mgbg 1ov BA Adyov éyére, ov terpdywmvog doiduds

2. éore PBY, comp. Fb. 8. &j] om. V. 6. doiduds]
om. V. 7. ¢ebudy] om. V. 8. ofrwg] 8 tav (corr. ex
w6) F. o] supra scr. F. A4E] EA F. 12, fotiv] dorl
pynes V.  pixer] om. FVb, m, 2 B.  xal dvvaver] m. 2
supra scr. B, -dva-inras. V, el doniv Fb, Bm. 1. 18, pelfoy
FY et B, sed corr. m. 2; seq. ras. 6 litt. V.  z6] in ras. m.
1B, 706 b. 7ijg] om. V. 5 BH — 14, cvupéreov] mg.

m. 1 V (ovppézeov etiam in textn). 14, dovpuéreov b, corr.
m, rec. 15. ovpusreos o éxxecpuévy ¢nryi Theon (BF VD).
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rationales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII]

Jam dico, eandem secundam esse.

sit enim @*==BI*-- HI?® [prop. XIII lemma]. iam

quoniam est BH® . HI® — EA: dZ
conuertendo [V, 19 coroll] erit BH®*:0* = JE;EZ.
et uterque 4E, EZ quadratus est. itaque BH®:@®*?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque BH, @ longitudine commensurabiles
sunt [prop. IX]. et BH? —=- HI'®* == @ quare BH
quadrata excedit HI' quadrato rectae sibi longitudine
commensurabilis. et congruens I"H rationali propositae
A commensurabilis est. itaque BI' apotome est se-
cunda [deff. tert. 2].

Ergo inuenta est apotome secunda BI'; quod erat
demonstrandum.

LXXXVIL

Inuenire apotomen tertiam.

Ponatur rationalis 4, et ponantur tres numeri E,
BI', I'4 rationem inter se non habentes, quam nu-

4 merus quadratus ad numerum
—_ quadratum, I'B autem ad B4

Z i H  rationem habeat, quam numerus
| K quadratus ad numerum quadra-
, \E tum, et fiat E: BI' = A4%: ZH*
B 4 r [prop. XXVIII lemma I], et

! BI':I'4 =Z H®: H@. jam quon-

16, pnxer ) A JBb, 7 4 uiixee V., doo) dpa mryj F.
dorww PB, 17, dgu 1‘1 BI'] ¢ (de F non l]1quet) gm_g
é'du deikor] @ et comp. P omo £0e: svgeiv V, om. Bb, 19,
ng’ F (euan.). 217 61;1:17 nP. 22 I'd]corr.exdm 2F.
24, I'B] corr. ex I'd m. rec. b.
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mPOg TETQAY@VOY aQLdudy, xel memoujede og uv 6 E
noog tov BI, olrwg 10 dmd Tijs A Tergdymvov medg
70 and vije ZH rergdyovov, dg 8¢ 6 BI' medg tov
T4, ottwg 16 dmd vijg ZH rerpdymvor mpdg to amod
5 tiig HO. émel ovv éorv dg 6 E medg rov BT, otrag
T0 dno vijg A vevpaywvov mweds To amwo vijs ZH ve-
TodYOVOY, GuuueTgov doo €0ti TO amd tig A Tevod-
yovov to ané vig ZH zergayove. ¢nrov 0% to amwd
vije A terpdyovov. ¢nrov dea xel TO amd vig ZH:
10 ey doa dotlv ) ZH. xal énel 6 E mgog tov BI'
Adyov 0x &get, Ov TETQUYOVOG QLI UdG TYOS TETQUY@VOY
agududv, 000 doa ©6 amd Tig A TeTedywvov mEdg TO
ané vijg ZH [vergaywvov] Adyov &yer, Ov wergaywvog
aQududg mog TeTedywvoy doududy’ devuuETgog Hox
15 otlv 1 A vf) ZH wixer. mddwv, énel dotwv og 6 B
790g t6v I'd, otreg 1o dnd i ZH revodymvov meig
0 and g HO, ovuusrgov doo éovl ©o and tijg ZH
T amd tijg HO. ¢qrov 0 70 amd vig ZH Gnrov
doa xel TO dmd vijg HO' Jnry) dge éotlv § HO, xul
20 énel 6 BI" mpog tov I'd Adyov ovx ¥ge, Ov zerpd-
yovos agududs medg TeTedymvoy dgidudy, ovd  doa
70 amé w5 ZH meog 16 amo tijg HO Adyov s, Ov
TETQUYOVOg GOLIRlS TQOg TETPAYRVOY doLdudy* devyu-
pevgog dga éorly § ZH i HO wixst. xol &lowy au-
25 goregar gnvel: of ZH, HO dga ¢yral elor dvvaue
povoy evpustool’ amorouy dee dotly 7 Z6.
Aéyw 01, Sre nal TolTy.
‘Ensl pdg Zeviv og pudv 6 E meog tov BI, ofrmg
70 Gno tijs A teTodywvov meds To dmd thig ZH, dg
1. memorelodw F. 4. ZH] corr.ex AHF. 6. 4 terga-
yovov] AV. 7. Zov(] om. V. rergayovor] om. V. 8. z&-
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iam est E:BI'= A*: ZH? A® et ZH?® commensura-
bilia sunt [prop. VI]. uerum 4? rationale est. itaque
etiam ZH? rationale est. quare ZH rationalis est.
et quoniam E: BI rationem non habet, quam numerus
quadratus ad numerum quadratum, ne A* quidem ad
ZH? rationem habet, quam numerus quadratus ad
numerum quadratum. itaque 4, ZH longitudine in-
commensurabiles sunt [prop. IX]. rursus quoniam est
BI':I'd = ZH?: H®®,

Z H? ot H®? commensurabilia sunt [prop. VI]. uerum
Z H? rationale est; itaque etiam H®® rationale est.
quare H® rationalis est. et quoniam BI': I' 4 rationem
non habet, quam numerus quadratus ad numerum
quadratum, ne ZH? quidem ad H@® rationem habet,
quam numerus quadratus ad numerum quadratum.
quare ZH, HO® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z@® apotome est [prop. LXXIII].

Iam dico, eandem tertiam esse.

nam quoniam est E:BI'= A2:ZH* BI':I'd =
ZH?:0H?, ex aequo [V, 22] E: I'd = A*: OH2

toaydve)] om. V. 4] éore, add. 8¢ m. 2, V. 9. Terea-
qyovoy] om. V. 12, 09dé b.  13. zereayewvov] om. P.  15.
4] corr. ex =ijig B, zijg F. 16. zé»] om. B. 17. HO) e
corr. F. 18, 1) meog 76 Fb. ¢nrév — ZH] mg. m. 1V,

19, doex xel] inras. V. ¢ntii — HO] mg. m. 1 F.  éozly
om. b. 21. 090é b. 22. 76] (alt.) suprascr. m. 1 F. H 9}
Heras. V. 24 ZH] HZF. 25 of — glo]) mg. m, 2 B,
in textu «f elo:. elow P.  27. zofzn] corr. ex ¢nrs) m. 1 P.

28, ofto B. A
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0} 6 BI mgog tov I'd, otrawg t6 dnd vijc ZH medg
T0 axd vijg @ H, 8 loov dpa Zotlv dg 6 E weds Tov
T4, ottwg ©6 and tijg A medg ©6 amo g OH. o
0t E mpdg wov I' 4 Adyov odx &ge, Ov vergdywvog
agdudg meog TETEAYwVOY deLdudy” ovd dga TO Ao
ijs A meog 10 ano tiig HO Adyov &yet, 0v tevpdyovog
agududs mweog TeTedymVOV dpuiudy' aevuuetgog e
7 A ] HO wijxe. ovderéon dga vov ZH, HO cvp-
uetgog éotu i nnewpdvy Onri v A wixen. @ ovw
peitoy dore vo amd vijs ZH vov amd tijg HO, éotm
70 amd vijg K. émel ovv éorw dbg 6 BI” mpog tov I'A,
ovtwg 70 &md vijs ZH mpdg 6 dmd g HO, avaergé-
Yavre doe éotlv dg 6 BI' meog tov Bd, otrewg o
axd vije ZH retodywvoy meog 1o amo s K. 6 o2
BI mpdg tov BA Adyov &ye, 0v terpdymvog doidudg
wE03 TETQUy@VOY deududy’ xel TO amd vijg ZH dow
7@og 7o amd vijs K Adyov Eye, Ov teTodymvos deidudg
7Pdg TETEAYOVOY GQUdUGY. 6UuusTedg doa éotlv ) ZH
) K wixet, xel 0vveraw 7 ZH tiig HO psifov v
axd evuuéreov foavrf. xel ovdsrépe tov ZH, HO
ovuuctos dote i fxxewudvy $nrh v A wixe 7§ ZO
dpo amoroun éoTL TelTy.

Etoyrow dga 1 toivn amovouy 7 ZO' Jmsep s
dsikas.

.

Evgsiv vy verdorny dmoTourr.

‘Exxelo®o $nr) 7 A xol v A pijxee ovpusrgog
7 BH' ¢qvy doa éovl xel § BH. xal éxxsiodwoav

1. 7é»] om. P. o¥t0B. 3. @H] corr.ex HO V. 4
2oy I'd] corr. ex ’'m. 2 F. 9. doriwv V. 11 BI'] ras. 2
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uerum E: I'4 rationem non habet, quam numerus qua-
dratus ad numerum quadratum; itaque ne 4* quidem
ad H®? rationem habet, quam numerus quadratus ad
numerum quadratum. quare 4, H® longitudine in-
commensurabiles sunt [prop. IX). itaque neutra recta-
rum ZH, H® rationali propositae A commensurabilis
est longitudine. iam sit ZH®~+ H®® = K [prop. XIII
lemma]. quoniam igitur est BI™: I’A ZH?: H®? conuer-
tendo [V, 19 coroll.] est BI': B4=ZH®: K2 uerum
BI':BA rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam ZH?®: K* rationem
habet, quam numerus quadratus ad numerum quadratum.
quare Z H, K longitudine commensurabiles sunt [prop.
IX], et ZH quadrata excedit H® quadrato rectae sibi
commensurabilis. et neutra rectarum Z H, H® rationali
propositae 4 longitudine commensurabilis est. itaque
Z 6 apotome est tertia [deff. tert. 3].

Ergo inuenta est apotome tertia Z®; quod erat
demonstrandum.

LXXXVIIL

Inuenire apotomen quartam.
Ponatur rationalis 4 et rectae 4 longitudine com-
mensurabilis BH. itaque etiam BH rationalis est.

litt. V, corr. ex BE F,  16¢] om. P.  I'd] eras. V, corr.
ex''m.1b. 12 ro] (alt.) supra scr. m. 1 b. 13. BT
corr. ex I'B V. 15. modg] meowy P.  16. &pa] supra scr.
19. 7] K — 7 ZH] mg.m 1P. Post psifov add, Theon:
6 ano rig K. 7 aga ZH ¢ HO psifoy ddvaron &BVb F
mg. m. 1), 28. 7] om. FV. Toltn ) om. F. oneQ Zoeu
deifar] comp. P, om. Bb.  24. dzifai] quw Vo. 26 @t
F, et sic demceps 27. pi*ét b, 28. do P, corr. m..2.
{etty PBYV, xel] (prius) corr. ex xe¢ P, om. FV.
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d0vo adouduol of 4Z, ZLE, wove tov AE olov meog
éxdregov 1év AZ, EZ Léyov un Epew, 0v Tergdymvog
aoududg meog TETQAyw@VOY a@uiudy. xel memoujedw
og 0 AE ngdg tov EZ, otrwg 1o and viig BH e
Todymvoy meog T0 amd tig HI evpuergov dga Zotl
tl dno i, BH vé dnd vijg HI. ¢yrov 0% 76 d=o
vijc BH' {gnuov dga xal 10 and wijg HI ¢nry doa
éotiv §§ HI'. xal énel 0 AE moog ©ov EZ Aoyov ovx
&yeL, Ov TETEAYOVOG AOUDUOG P0G TETEAY@VOY dQLIUOY,
ovd’ doa 0 dmd 15 BH meog 16 and tig HI Adyov
#ee, OV TETQAYOVOG XQUIUOG WEOS TETEEYOVOY dQLiudy”
aovpustoog oo éotiv v BH vfy HI' wine. xel elow
apporegar ¢nrel” of BH, HI" doa ¢nral &lor dvvaus
uovov evuuergor’ amorouy doa fotiv 7 BI.

[4éye 04, O1r xal vevdory).

Qi oDy usitéy dore vo amd viig BH tod amo tijg
HTI, f6te ©0 éno tiig O. émel oy éotw dg 6 AE
woog 1ov EZ, ofvwg t0 dmd tijg BH meodg 6 amd
i HI, nal dvacroéypavre dpa éotiv @g 6 EA moog
tov AZ, ottwg ©6 and tig HB mpog 16 dmd tijs O.
0 0t EA mgog tov AZ Adyov ovx &yst, Ov TeTgdywvog
agududs meog TeTEaymVOY agududv: ovd’ dea TO amod
vijs HB mpdg ©0 dnd tijg @ Adpov &y, Ov TeTodymvog
agududs medg Teredyovoy AgLdudy’ devuusTeog doa
dorlv %) BH v ® wijxer. xoi 0vverer 7 BH viig HI'
uetbov v amod vig O 1 &oa BH vijg HI' psifov dv-
vater T¢ amd acvuudreov fevry. xel éoviv §An y BH

2. EZ] eras. V. wj] om. ¢. 4. 7év] mg. m.1P. 5.
®meog] om. . HTI'] BI' supra scr. H b, dottv P, et V
del. ». 8. dordv] dotl xal FV. 9. moog — 10. 7fjs (prius)]

om. ¢ lacuna relicta. 9. aoduor] om. V. 10. 0vdé b.
11, didpds] om. V.  doifpdv] om. V. 12. éozlv] om. FV,
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4 o~ ) et ponantur duo numeri 4Z,
, ___ ZE, ita ut totus JE ad
4 Z E utrumque 4Z, EZ rationem
non habeat, quam numerus quadratus ad numerum
quadratum. et fiat JE: EZ = BH®: HI"® [prop. VI
coroll.]. itaque BHZ2, HI™® commensurabilia sunt
[prop. VI]. uerum BH? rationale est. itaque etiam
HTI™® rationale est. quare HI rationalis est. et
quoniam AE: EZ rationem non habet, quam numerus
quadratus ad numerum quadratum, ne BH? quidem
ad HI™ rationem habet, quam numerus quadratus ad
numerum quadratem. quare BH, HI" longitudine in-
commensurabiles sunt [prop. IX]. et utraque ratio-
nalis est. itaque BH, HI rationales sunt potentia
tantum commensurabiles. ergo BI" apotome est {prop.
LXXIII]. iam sit @ = BH? - HI'" [prop. XIII lemma].
quoniam igitur est J4E: EZ = BH?®: HI'®, etiam conuer-
tendo [V, 19 coroll] est E4: 4Z = BH*:@%. uerum
EA: 4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. itaque ne B H? quidem ad @2
rationem habet, quam numerus quadratus ad numerum
quadratum. quare BH, @ longitudine incommensura-
biles sunt [prop. IX]. est autem BH® <+ HI? =@°
itaque BH quadrata excedit HI' quadrato rectae sibi

@

BH] pn 9 prjnee] om. FV. nel — 13. gnrel] mg. m.
1V. "13. slaw P. 14, avgmergov odx 9. BI'] Be corr. g,
BHP. 15. iéyo — nuxqth om. PB, xal ¢. 87)] om. V.

17. dorw] om. V. 18. moog 7o EZ] 70b dno wg¢ EZ b,
corr. mg. m. 1. meos 6] Tov b. 19. HI'] H in ras. m.
1 B. uvactompm p. 20. 1011] om. P,z6 b. BHV, 21
Ed] 4 in ras. m. 1 B.  22. 098¢ Vb. 24, agidudéy] om, V.

doa] in ras. V.  26. BH] (alt) mut. in HB 'V, HB BFb.

27. ovpuéreov b, corr, m. rec,  Eavrh wixee B. 7 6ing V.
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ovuuetgog Ty xneudvy Gnri] wixer v A. B dge BI
amoropt) 46TL TeTdQTY.
Edgnrew &ga 1) tevdgry amovous): Omep &8s deikar.

9.

Edgetv v mépmryy dmovoprjv.

‘Exxciodo iy 1 A, xel tf] A upiner 6Vpustgog
éotw 1) TH* §quy) doa [éotiv] y TH. xol éuxslodooay
0vo aguduol of 42, ZE, dore tov AE medg énaregov
16v AZ, ZE Adpov mdlwv uy s, Ov Teredymvog
doududs moog TeTgdymvov aoidudy' xal memoujedwm
wg 6 ZE mpds tov Ed, ovrwg v and tijg I'H medg
10 amd vijg HB.! ¢gyrov doe xei td amd vfjg HB*
gy doo éotl xol ) BH. xal émel dovv og 6 AE
np0g 1ov EZ, ovrwg 16 ano tijs BH medg tod amd tijg
HI', 6 0t AE mpds tov EZ Adyov odn &yet, ov te-
ToayVOg agiduds mEog TETEEY@VOY LUy, ovd’
dga ©0 awo g BH medg 0 amo ijg HI' Adyov &yst,
0v teTpaymvog doududs medg TETEAyaVOV doLducv’
aevupergog dpa éotlv ) BH vfj HI' winer. xal siowy
aupoteoar dnral” of BH, HI" doa fyrai elor dvvdue
uévor evpmusroor” 1 BI' dpa dmovoun doTw.

Aéyo 01, Sre xai méumoy.

‘Qu yag peifév dotu To dmod vig BH tov dwo vijg
HT, 0 t6 amd vijg @. émel ovv éomw og 10 dnd
vij¢ BH mgos t0 ano tiig HI, otrwg 6 AE mpog tov

1. BI'&a B. 2. ZouvP. 8.9 nalinF,yBI'B. &ace
#0051 deifar] comp. P, om. BFVbh. 1. éatth om. P. 8.
ZE) EZF. A4E] AE inras. V. 9. tdw] tov .  modewy]
om. Fb. 10. wemoreiodo F. 11. zov] om. P. 12. Post
HB add. ovupseroor &oa éotl 10 ano wijg HI' (T'H V) 16 and
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incommensurabilis. et tota BH rationali propositae
A commensurabilis est longitudine. itaque BI" apo~.
tome est quarta [deff. tert. 4]

Ergo inuenta est quarta apotome; quod erat de-
monstrandum.

LXXXIX.

Inuenire apotomen quintam.

Ponatur rationalis A, et rectae 4-longitudine com-
mensurabilis sit I’H. itaque I'H rationalis est. et
ponantur duo numeri 4Z, ZE, ita ut
AE rursus ad neutrum numerorum A Z,
ZE rationem habeat, quam numerus qua-
4 7T |, dratus ad numerum quadratum. et fiat
ZE:EA4=TH?.HB® itaque etiam HB*
=~ rationale est [prop. VI]. quare etiam
e BH rationalis est. et quoniam est
1 AE:EZ==BH®: HI'"?, et AE:EZ rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne BH? quidem ad HI® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
BH, HI" longitudine incommensurabiles sunt [prop.
IX]. et utraque rationalis est. quare BH, HI ra-
tionales sunt potentia tantum commensurabiles. ergo
BI’ apotome est [prop. LXXIII].

Iam dico, eandem quintam esse.

sit enim @ = BH?® —+— HI®? [prop. XIII lemma].
quoniam igitur est

BH®:HI* = A4E:EZ,
vij¢ BH. ¢ntov 0% ©6 dno tijg 'H b, mg. FV.  §nrév — HB]
mg. V. doae — 13, §nmi] om. P. 15. HI'] I' in ras. V.,

16. 098" doa] 098¢ P. 18 teredywvov] tetedyovog b, sed corr.
21, éoze BV, comp. Fb. 26. HI'— p. 270, 1, EZ] in ras. F.

7T TB 74
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EZ, dvacroépavrs doa éotiv ég 6 EA meds tov AZ,
otrwg to amwo tiig BH mog 10 and vig ©. 6 0t EA
7woog Tov AZ Adyov ovx Eyer, Ov TeTodymwog aeLdudg
TPOg TETEUYOVOY dQuiudy’ 00’ dga to dmd tiig BH
wog 10 dmd Tijg @ Adyov Fyer, Ov Terpdymvog doidudg
ngds TeTpdyavoy deuudy devpuetgog dea éotiv 7
BH v} O uijxer. nel dvvarar v BH vijg HI' peifov
t6 amd viig @ 1§ HB dea tijs HI' petfov dvvara
T omd acvpusroov favry wijxe.. xel 6Ty 1) m@oo-
aguétovoa 1§ I'H o¥pucvgog 71 éxustpdvy dnry ©ff A
pixes: n dooe BIT amorouy éot méumey.

Efonrer oo 7 mwéumrn amotous; § BI™ Omeo &0«
Ocitou.

q.

Evostv tqjv Extqv dmorourv.

‘Exxsioda ¢qry A xel voslg doiduol of E, BT,
I'4 iéyov uy Epovreg medg dlifjiovs, Ov rerodywvog
aeuBuds medg Tetodywvov dagududv’ Fri 0% xal 6 I'B
moog Tov B A Aépov uy éyérm, ov retgdywvog doiduog
mQOg TETQUYOVOY AQLdudy' xol memoujodw og uiv 6
E modg tov BI', ovtwg 16 and vijg A medg To6 dmo
tijg ZH, ag 0t 6 BI mpog tov I'd, ovrwg o dmo
tijs ZH mgog v6 amd tijg HO.

’Enel ovv domiv dg 6 E meog tov BI', oltwmg 70
ano vijg A medg to amo tig ZH, cvuuergov doa 7o
ano tijg A te amo vijg ZH. {nrov 6t o dml Tig
A ¢nqrov doa nal vo amo vig ZH' ny doa éotl xal

1. dvacreépavnu — 2. E4] e corr. F. 1. dotiv] om.
BFb. EJ]|4EP. 4 HBF. 1.80] HOF. BH]}
HB BFV. ‘usitor) om. P. 8. oo HB V. BHP. dv-

vatar] om. V. 9. dovppéreov] a- inras. V, m. 2 B.  feviy
dvvarar V. 10. Post I'H eras. xal ¢- V. 11, BT dea b.
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conuertendo [V, 19 coroll] est E4J: 4Z = BH?: 0%
uerum E4: A4Z rationem non habet, quamn numeruns
quadratus ad numerum quadratum. itaque ne BH?
quidem ad @® rationem habet, quam numerus quadratus
ad numerum quadratum. quare BH, ® longitudine
incommensurabiles sunt [prop. IX]. est autem
BH® +— HI™ = @2

itaque HB quadrata excedit HI" quadrato rectae sibi
incommensurabilis. et congruens I'H rationali pro-
positae 4 longitudine commensurabilis est. itague
BI" apotome est quinta [deff. tert. 5].

Ergo inuenta est apotome quinta BI'; quod erat
demonstrandum.

XC.

Inuenire apotomen sextam.

Ponatur rationalis 4 et tres numeri E, BI', I'd
inter se rationem non habentes, quam numerus qua-
A | dratus ad numerum quadratum; et

——— . praeterea ne I'B quidem ad BA
zZ e H .
rationem habeat, quam numerus
K quadratus ad numerum quadra-
B . tum et fit BE: BI'— 4°: ZHP,
B 4 I BI':I'd=2H*: H®.
iam quoniam est E: BI'= 4%:ZH?, erunt 42
Z H? commensurabilia {prop. VI]. uerum 4?2 rationale
est. itaque etiam ZH? rationale est. quare etiam

12, Omeg #dee deikar] comp. P, om. BFVb. 16, ovyxelofw
B, corr. m. 2, Post E eras. B F. 18. I'B] supra add.
a4 B; BI'V. 19. B4] corr. ex BI' m. rec. P 20. ws-
norje@w P, sed corr.; memoeloBow F. updv 0] 6 pév V. 22
zév] om. B. 23. HO®] @H b, 26. gnrov — 27, ZH]
mg. V. 27, xel) éeti xel BFD. dozlv PB.
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% ZH ol énsl 6 E modg tov BI' Adyov ovx &ye,
Ov TeTpdyomvog aoududg mWEOg TETQAy@vOv deidudv,
ovd’ doo 1O amd T A medg o amd tig ZH Adyov
e, Ov TETQAY@VOS AELIUOS TEOS TETQUYOYOY GQLIUdY”
aovppergog dgo otiv ) A tf) ZH prxer. maiw, éwel
éorv g 6 BI' mgog ©ov I'd, ovtwg ©6 amd vijg ZH
npog 0 awd wijs HO, evuueroov dge ©o dmd vijg ZH
¢ émd vijg HO®. §qrov 0t ©o dnd zijg ZH* Jnrov
dpo xel 1o amd g HO' ¢nry doa xal vy HO. xal
énsl 6 BI mpog vov I'd Adyov ovx Exsi, Ov TeToaymvog
agududs medg Terpdyavov doidudv, 000’ doe TO Amd
vijg ZH mgog ©0 amd g HO Adyov e, Ov terd-
yOvog doiduds meds Terpryavoy doLdudy” devuusToog
doo dotlv  ZH vyj HO pijxs. xol elow qupotegar
gnral: of ZH, HO® &pa dnral clow dvvaust uévov 6du-
ustoor' 1 doe ZO amorows éoTuv.
Aéyw 01, 8t nal Exr.
Emsl pdo é6viv g pdv &6 E meds vov BI, obreg
70 and tijg A meds 0 4w i ZH, ég 0t 6 BI
mweog tov I'd, ovrwg ©6 dnd vijg ZH modg ©0 and vijg
HO, 00 loov dga éotlv g 6 E medg tov I'd, otreg
70 amd tijg A medg o amd tig HO. 6 02 E meog
1ov I'd Adpov ovx &yet, Ov reTpdyavog diduds meodg
reTodyovoy deududy ovd’ dea To amd vijg A meog
70 ano vijg HO Adyov ¥yev, Ov zetpdymvog aguduos
nplg TeTpdywvov aoududv: devuuetgog doa dotiv 7
A4 i HO mijxst® ovderépa doa tov ZH, HO ovp-
peteds dove vij A Gnri) wixe.. ¢ ovv ueildy éome
. L HZP 8. qﬁ&é Vb b. fcrl V. 4 Ko i t@)
tiis F. 6. 5 BI" moos mijv B. 7. doa d6z/ V. 11, 0vdé V.
15, gvppergor povor V. 16. dore BV, comp. Fb, 17, 84]
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Z H rationalis est. et quoniam E : BI" rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne 4® quidem ad ZH?® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
A, Z H longitudine incommensurabiles sunt [prop. IX].
rursus quoniam est
BI':I'd4 = ZH?: HO?,

Z H? et H®* commensurabilia sunt [prop. VI]. uerum
Z H? rationale est; quare etiam H®® rationale est.
itague H® rationalis est. et quoniam BI':I'4 ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum, ne ZH? quidem ad H®® rationem
habet, quam numerus quadratus ad numerum quadratum.
itaque ZH, HO longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z0O apotome est [prop. LXXIII].

Jam dico, eandem sextam esse. mam quoniam est
E:BI'= A?:ZH*?, BI':I'd = ZH?: H ex aequo
[V,22] est E:I'd = 4%: H@2, uerum E:I' 4 rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne 42 quidem ad H®? rationem habet,
quam numerus quadratus ad numerum quadratum. quare
A, HO longitudine incommensurabiles sunt {prop. IX].
ergo neutra rectarum Z H, H® rationali 4 commensu-
rabilis est longitudine. iam sit K* = ZH*—+ H@& [prop.

supra ser. m. 1 P. 21. fotly doo F. 24, 003" — 26
deidpdv] mg. m. 2 B. 24, 099’ &pa] 098¢ b. Al 4 apa b.

25. H@] mut. in @H m. 2V, @H b. 27. oddsTégn uqu]
nal ovderépe BVDL, 28, zjj 4 qnty] éuusmsw] é’?fﬂ 7 4
b et e corr. F (post 4 del. gnri). wﬁl ovv] o P
corr. m. 2.

Euclides, edd. Heiberg et Menge. III. 18

b
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70 ano tijg ZH vov dnd vijg HO, f6rw o dno tig K.
énel ovw domwv g 6 BI' mpog tov I'd, ovrms 16 and”
vij¢ ZH mgdg 6 and vijg HO, avasredyavr dgu éoriv
g 6 I'B mpdg tov B4, ovrag o and vijs ZH moog
70 and tijg K. 6 0% I'B mpdg vov BA Aidyov ovx
& &L, OV TETQAYOVOg QLB UlS WEOg TETQUYRVOY dQLudY "
ovd’ doe 16 amd wijg ZH medg 16 dmd tijg K Aoyov
#yst, OV TeTpdywvog deLduds Tedg TETEAYOVOY GQIAUSY”
acvuuctoog doa oty 4§ ZH vjj K unxer. xel dvvarac
7 ZH vijg HO peitov ¢ and vijg K* 7 ZH dga tig
HO peitov dvverar 1 and dovuuéroov Savry uwixet.
xel ovderépe Ty ZH, HO cvpuereds ot vf) éxxee-
uévy ¢nvy wijxee v A. 7 &pe ZO amorour] doTiv Extn.

Etlonras dpa 3 &ty dmovouny 7 ZO° Omee e
deifo. )

Ge .

'Edv yoolov megiéynrar vmd gnrijs xal dxo-
Touijs mE@TNG, N TO0 gwelov Svvaudvy émoTour]
éativ.

Ieguegéoda pogp ywolov 16 AB vmd yrig vijg AT
%ol amovouis meawrng g AA' Aéyw, Sm 9 0 AB
gwelov duvvaudvy amoroun é6Tiv.

'Emel yag dmotous] éove mowty n Ad, Eorw avri
mpooaguctovea § AH of AH, HA &pe dyral &loc
dvvdper uovov ovuuetgol. xel 6An 1 AH oVuperodg
oty v] dnxepdvy e vi AL, xel v AH vig Hd
petfov Ovveror té amo ovuuirov fovrj wixes éav

3. o] om. F. 4. I'B] BI' FB.  BA] supra add. I'"
m. 1 b, 4B corr. ex B4 uel BI' V. 5. Tig] zob @. 8.
#ye1] ovn #gee P. 10. 7@} corr. ex 26 m. 1 F. 4] in ras.

m. 1P, 11, ovpuérgov B, corr. m. 2.  138. = 4 pimee V.
14, ¢meg £32c dsikee] comp. P, om. BFVb, Seq. demonstr.
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XIII lemma]. quoniam igitur est BI':I'4 = ZH®: H@?,
conuertendo [V, 19 coroll] est
I'B:Bd4=27H?: K%

uerum I'B: B4 rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne ZH?
quidem ad K® ratiomem habet, quam numerus qua-
dratus ad numerum quadratum. quare ZH, K longi-
tudine incommensurabiles sunt [prop. IX]. est autem
ZH? - H® = K2 itaque ZH quadrata excedit H®
quadrato rectae sibi incommensurabilis. et neutra
rectarum ZH, H® rationali propositae 4 commensu-
rabilis est longitudine. itaque Z® apotome est sexta
[deff. tert. 6].

Ergo inuenta est apotome sexta Z@; quod erat

demonstrandum.
XCIL

Si spatium comprehenditur recta rationali et apo-
tome prima, recta spatio aequalis quadrata apotome est.
Spatium enim 4B ratio-

4 4_E Z 5 ’
nali A" et apotome prima
rJ A4 comprehendatur. dico,
B ® I X rectam spatio 4B aequalem
N quadratam apotomen esse.
o nam quoniam A4 apo-
By 1" tome est prima, ei congruens
X sit 4H. itaque 4H, Hd
P —ar rationales sunt potentia tan-

tum commensurabiles [prop.

alt., u. app. 16. G’ F, 8" BVD, et sic deinceps. 19. fom
BV, comp. Fb. 20. %676 V. 21. 9] m. 2 F.  28. yae]
om. b, m, 2 B. medry dotév BFV., 24, 4H, HA] in ras.
m. 2 V. 27 covupéreov F, et V, sed corr.

18*
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doa T terapro uéger rvov amo tijg AH loov mepe
iy AH nmogafiindf éAisiwov &lder tetgayove, &l
obupctpe evTny Owaigel. Tetuiode 7 AH Olye xave
70 E, %ol v¢ and vijg EH ilgov mage viv AH mage-
Beiriodw EAAsimov slde vevgaydve, xal fotw To VO
tév AZ, ZH' odppergog &oo dotiv v AZ tf) ZH.
xal Oie tédv E, Z, H onuelov tjj AT mapdiinloc
fydwoay of E®, ZI1, HK.

Kal énsl ovppergds éotiv ) AZ tff ZH wpijxe,
xel 3 AH &oo éxaréoe tav AZ, ZH 6vpucrpds éote
pijxse. adda v AH ebpuergdg éove vff AI™ xel éxe-
téga doa tdv AZ, ZH evpueteds dove v AT wixee.
xal dote gy v A" ¢y doa xol éxarépe tdv AZ,
ZH dove xal éxdavegov tov AI, ZK ¢yrdv éotwv.
xol énel ovupusrodg oty ) AE tvff EH wixe, xel 3
AdH &ga éxavépe tov 4E, EH eduuctds €ote pajxec.
$nrhy 0t § AH xal dovppetoog tff A winer gy
doa xal éxarége vdv A E, EH xal aovppsetgos tij AT
uijxes: Exdregov dga tdv A0, EK péoov éetiv.

Keiodw Oy 6 udv AI lsov tevgdyovov o AM,
© 0% ZK ioov retpaymvov apneiode xowny yoviey
#ov avrd iy vme AOM 6 N5 =mepl wijv aveqw
dga Odiduerpov dove @ AM, NJE vevpayove. Zorw
avtdy Surustgog 7 OP, xnal xataysypepda ©o oyijue.
énel otw loov éotl 70 Omd tdv AZ, ZH mequegousvov

1. péger] -ep- inras. B. tod amé] m. 2 F. 2. mjy]
corr. ex z7ig m. 2 F.  AH] 4 in ras. F. 3. Jumgel] supra
add. pnxer m. 2 V, dielei BF, diéln b. 4. 9] o F 6.
ZH] (alt) HZF. 8. fjz8acer] fjzda- in ras. m. 1 P, ZI]
mut.in ZHm. 2F. 9. 25l F. 11. «all’F. ATl]Te
corr. m. 1 F. " 18, doriw P. 14, AI] A P, I'in ras. V.

dovw] dove BV, comp. Fb.  16. xef] (alt.) om. V. 19,
dott PBV, comp. Fb.  20. xel xelodo V. =~ 22. 40, OM
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LXXIII]. et tota 4H rationali propositae AI" com-
mensurabilis est, et 4 H quadrata excedit HA quadrato
rectae sibi longitudine commensurabilis [deff. tert. 1].
itaque si quartae parti quadrati 4H® aequale rectae
AH adplicatur spatium figura quadrata deficiens, in
partes commensurabiles eam diuidit [prop. XVII].
secetur 4 H in duas partes aequales in E, et quadrato
EH? aequale rectae 4H adplicetur spatium figura
quadrata deficiens, et sit 4Z><ZH. itaque 4Z, ZH
commensurabiles sunt. et per puncta E, Z, H rectae
AT parallelae ducantur E®, ZI, HK.

et quoniam 4Z, ZH longitudine commensurabiles
sunt, etiam 4 H utrique 4Z, ZH commensurabilis est
[prop. XV]. uerum A4H, A" commensurabiles sunt.
quare etiam utraque 4Z, ZH rectae AI" longitudine
commensurabilis est [prop. XII]. et 4TI rationalis
est. quare etiam utraque 4Z, ZH rationalis est.
itaque etiam utrumque AI, ZK rationale est [VI, 1;
prop. XI). et quoniam A E, EH longitudine commen-
surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV]. uwerum 4 H rationalis
est et rectae 4I" longitudine incommensurabilis. quare
etiam utraque 4E, EH rationalis est et rectae AT
longitudine incommensurabilis [prop. XIII]. ergo
utrumque 46, EK medium est [prop. XX].

ponatur igitar quadratum AM = AI, et spatio
ZK aequale auferatur quadratam NJE communem an-
gulum habens 4OM. itaque quadrata AM, NJF

PF, zév 40,0M Bb. 23. doui] elos V. rzevodyova] om. V.,
26. 6] in ras. V. t@v] m. 2 F.  mequeyopsvov] -ov in
ras. V.
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dpdopaviov 1o amd tig EH vergaydve, fotw doa
&g 7 AZ mgdg vyv EH, otwwg 4 EH moog viv ZH.
AN g pdv § AZ meog vyv EH, otnws to AI moog
70 EK, ds 62 % EH mgds tyv ZH, otrwg éorl o
8 EK mods 10 KZ* viv dpa AI, KZ uéoov dvaioydy
éot. ©0 EK. &t 0% xal tov AM, NE péoov avd-
Aloyov 6 MN, og & volg Eumgoodev é0elydn, xal
dove v [udv] AI v AM zevgayéve loov, to 08 KZ
70 NE' xel ©6 MN é&oo 16 EK loov éariv. cila
10 0 pdv EK 16 46 dotwv lgov, 16 0} MN 60 A%
70 doo AK loov éorl v TPX yvopovs xal 13 NE.
&oru 0t xal 10 AK loov voig AM, NJE verpaydvois*
Lowmov dge ©0 AB leov éotl v ET. 70 0% XZT 70
ano tijg AN ot reTpdywvov: o dga dmd T AN
15 Tevpdywvor leov fori 16 AB° §) AN édoa dvvazer
6 AB.
Aéyw 01, 8t § AN amorour} éorv.
‘Enel yoo Onrdv éovwy éxdregov vdv AI, ZK, xel
dotw loov toig AM, NE, xal éndreoov doo tév AM,
20 N5 ¢nrov éotwv, rovréeort 16 amo éxarvégag tov AO,
ON" =xol éxarége dga tov A0, ON ¢y éonwv.
nedy, énel pégov ol v0 4O nol demv loov v¢ AF,
wéaov dga Zotl wnel v0 ASF. dmel ovw o ulv AN
uéoov éativ, ©o 0t NJE gnvdv, devuustgov doa éotl
25 70 AF v NE ag 02 ©0 AF mpds v0 NJF, otrag
dotly ) 40 medg vy ON* devpusrpog dgu fotiv 1)

2. 7jv] (prius) om. P, 6. Post avdloyor ras. 8 litt. V. 7.
NM B. 8. uév] om. BFVbh. 9. ﬂli?’ﬂﬁ b. MN] EX
inras. V. EX] MN inras. V. {fonw foov V. 10. zd]
(prius) zd V.  ©3) foov dotl ©6 V. 6 4O] in ras. m.
1P, fouw loov] om. V, fsow dottv F. 15 8% MN laoy
dotl 10 A5 loov doa 10 4K w6 V. 12. lsov] om. V (supra
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circum eandem diametrum posita sunt [VI, 26]. sit
OP diametrus eorum, et describatur figura [cfr. uol. I
p. 137 not.]. iam quoniam est 4Z >< ZH = EH?
erit [VI, 17} 4Z:EH=EH:ZH. uerum AZ:EH
= AI:EK et EH:ZH= EK:KZ [V], 1]. itaque
EK medium proportionale est inter 41, KZ. est
autem etiam MN medium proportionale inter 4 M, N5,
sicuti supra [prop. LIII lemma] demonstratum est,
et AI=AM, KZ=NF. itaque etiam MN = EK.
est autem EK = 46, MN = 45 [I, 43]. itaque
AK=7®X -+ NE uerum etiam A K=AM-4} N5
itaque reliquum 4B = XT. est autem ZT=AN?2
quare AN?= 4B. ergo AN quadrata spatio 4B
aequalis est.

Jam dico, 4N apotomen esse.

nam quoniam utrumque AI, ZK rationale est, et

Al = AM, ZK = NE,

etiam utrumque 4M, NZ, hoc est 402 ON?Z, ra-
tionale est. quare etiam utraque 40, ON rationalis
est. rursus quoniam 46 medium est, et 4O = A,
etiam 4,5 medium est. iam quoniam 4,5 medium est,
N5 autem rationale, 45 et N5 incommensurabilia
sunt. uwerum A4%:NF= A40:NO [VI, 1]. itaque
A0, ON longitudine incommensurabiles sunt [prop.
XI). et utraque rationalis est; itaque 40, ON ra-

est ras.). 18, ZT] corr. ex BI' V. 6 8% ZT] supra scr.
m. 1 P.  ¢d] corr. ex. zo FV.  16. dov/] postea ins. F,

t6] 76 F. 17, #al % P. 19, done V. ~ foov] loc Bb,
om. V. N& i6a V.  20. éori BV, comp. Fb,  21. done
PBYV, comp. Fb. 23. /] dotlv P,om. V. 24, lottr] dovl
PBYVb, comp. F.  26. N5 (prius) corr.ex NXm,1b. 5]
(tert.) in ras. m. 1 P,
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A0 1) ON prxs. xol slow augéregon fnrel’ af
A0, ON éga ¢nrai elor Ovvduss pdvov evuuseTgor
amovoun &ga éotly §) AN. xol dvvarer 0 AB ywelov:
7y &go 10 AB ywelov dvvaudvy dmorows; éotiv.

5 'Eov dpo ymplov megiéymrar vmd gyris xel ta v,

Gf’.

Exv yoelov megiégnrar vmod dnrijs xel dmo-
ropijg dsvréoug,  ©0 ywoelov dvvauivy wiong
amotoun 46TL WEWTY.

10  Xwglov yag 10 AB megiegéodw vmo Oqrig T
AT xal amoroudis Oevrégas tijg ‘Ad* Aéyw, 8r ) 70
AB ywelov dvveudvy uioms dmorowr éote mewry.

"Eeto pag v A4 mgoougudlovee § AH: of &g
AH, HA ¢nral sloe dvvaper uovov evuuergor, xal 9

16 mposaguofovea 3 AH ovupsroog fove th éxxeipdvy
éneh v AL, 5 0t GAq 7 AH vig mgoceguoforvons
zijg HA peifov 0Vverar té and ovupérgov éavry prjxe.
énel oy ) AH vijg HA peifov dvverer v dmd ovu-
pérgov favrfl, dav Gge td TeTdore pégs Tod Amo Tig

20 HA leov mage v AH megafindf éAisimov &ldst
TeTQaydve, &l ovpustgr avtyy Oiaigel. TETWod®
ovv § AH dlye nave 16 E- xal vd dno viig EH lgov
nagx Ty A H negafefirodo édistnov elde verpayave,

2. ON] NO e corr. V. &loww V, sed » del. 4. 70 4B
doa V.  B. nal ta £&ijg] wel dmoropiis modtng, 1 10 ywelev
Svvapévny dmoropr} éoriv Theon (BF VD), 8. uéon BFVb
et P, sed corr. m. 1. 11, 44] 4B b; 0% A4 P, corr. m. 1.

12, 4B] corr. ex 44 V. péon BFb, et V, corr. m. 2. 14.
H4] 4H F. dvvapévny V, corr. m. 2. 16. zijg] om. F,
17. HA] eras. V. Ante cvppéreov ras. 1 litt. V., 18.
AH} H in ras. V. thig] corr. ex zy m. 2 V. 19. zov]

™,
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tionales sunt potentia tantum commensurabiles. quare
AN apotome est [prop. LXXIII]. et quadrataspatio
AB est aequalis. itaque recta spatio 4B aequalis
quadrata apotome est.

Ergo si spatium comprehenditur recta rationali,
et quae sequuntur.

XCIL

. Si spatium recta rationali et apotome secunda com-
prehenditur, recta spatio aequalis quadrata mediae
apotome est prima.

Spatium enim 4B recta rationali 4I" et apotome
secunda 4 4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen primam esse.

nam AJH rectae 44 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles

4 4 _E 2, [prop. LXXIII], et congruens

4 H rationali propositae AI"
x commensurabilis est, tota au-

r

£ 1 tem A4H quadrata excedit

4 l;p 0 congruentem HA quadrato
5 N rectae sibi commensurabilis
longitudine [deff. tert. 2]. iam

i quoniam A H? excedit HA?
P quadrato rectae sibi commen-

surabilis, si  HA* aequale rectae 4H adplicatur spatium
figura quadrata deficiens, in partes commensurabiles
eam diuidit [prop. XVII]. iam A4H in puncto E in
duas partes aequales secetur. et quadrato EH? aequale

% b. 20. AH)] H e corr. V. 21. duedei Theon (BF VD).
Dein add. pfxe: V. 22. 4Hjecorr.m 2 V. EH] 6HP.
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xol é6tw 16 Umo tov AZ, ZH' ovppcrgog dga Eoriv
1 AZ <) ZH urjxes. xol § AH cpo éxarépe tvov AZ,
ZH odpucrgds dove wijxss. Onuy 0% 9 AH xol dovu-
uergog ti] A wijxer xol énavépe dga tov AZ, ZH

5 Onre} éote xal dovuuergog v A wine Exavegov dge
tov AI, ZK upéoov éotiv. modw, émsl odpusreog
éotwv ) AE vfj EH, xal 7 AH &oo éxarépy vav AE,
EH ovdpucrgds éorwv. add’ §)f AH ovupetods dove Tf
AT wixer [gnoy doa xal éxerépe tvév AE, EH xel

10 6vpucroog i) A wijxel). éndvegov doa téy 40, EK
gnrov gorw.

Svveerdra ovw v udv AI leov teredyovov To
AM, v 0% ZK ldov agpefode t0 NE megl tnv
avtn poviev v vg AM Ty vmd tov AOM: megl

15 TV avTyy doa éorl didpstgov ta AM, NE rerodyove.
fotw avrdv dudustgog 7 OP, xal xatayeygipdo To
oyfiue. énel ovv ta AI, ZK péoa fotl xol éorw loa
rolg amd tov A0, ON, xal ta amd tdvy A0, ON
[¢oe] wéoe éorlv: xal aof AO, ON doa upééer &loi

90 Quvdper uovov Gvupuergol. xel éwel v0 vmd tov AZ,
ZH ooy éovl td ano tijg EH, éovww doa og v AZ
np0g v EH, olrwg ) EH mpdg thv ZH* diX’ &g
utv 9 AZ mgds v EH, ovreg 10 AI mdg 16 EK-
og 0% 4 EH mods v ZH, obrwg [é07i] ©6 EK medg

25 10 ZK* vdv dge AI, ZK uéeov avdioybu dors to

1. dedppsrgog b, sed corr. 2. Post pijxer add. xel Su
1év E, Z, H onuelov tij AL megdiinlos fjydocey of E6, Z1,
HK (corr. ex ZK V). nal énel coppereds éory ) AZ ©fj ZH
piinee b, V mg. m, 1, F mg., sed euan. 4. dgo] om. FV, 6.
AIl mut, in 4ZF, AZb. ZHb, et e corr. F. éovt BV,
comp. Fb. 7. 4 4H] H4 F. 8. douu]l m. 2 B. 9. §nzp

— 10. pinec] om. P. 9. JE, EH] E bis in ras. V. 10
nal Exatregov b, 11. éowe PBYV, comp. Fb. 12. ] corr.

-~
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rectae 4 H spatium adplicetur figura quadrata deficiens,
et sit 4Z >< ZH. itaque 4Z, ZH longitudine com-
mensurabiles sunt. itaque etiam 4 H utrique 4Z, ZH
longitudine commensurabilis est [prop. XV]. uerum
AH rationalis est et rectae 4I' longitudine incom-
mensurabilis. itaque etiam utraque 4Z, Z H rationalis
est et rectae 4I" longitudine incommensurabilis [prop.
XIII]). quare utrumque 4I, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH commensurabiles sunt,
etiam AJH utrique 4E, EH commensurabilis est
[prop. XV].!) uerum 4H, AT longitudine commen-
surabiles sunt. ergo utrumque 4@, EK rationale est.

iam construatur quadratum 4M == AI, et spatio
ZK aequale auferatur N5 in eodem angulo 41OM
positum, quo 4M. itaque quadrata 4M, N5 circum
eandem diametrum posita sunt [VI, 26]. sit OP
eorum diametrus, et describatur figura [efr. uwol. I
p- 137 not]. iam quoniam A4I, ZK media sunt et
Al = A0, ZK = ON? etiam 40% ON2 media sunt,
quare etiam 40, ON mediae sunft potentia tantum
commensurabiles. et quoniam A4Z><ZH = EH?, erit
[VL1T1AZ:EH=EH:ZH, verum AZ: EH=AI:EK

1) Hoc promptius ex prop. VI concludi poterat; nam
AH=2A4E=2EH.

ex6V,wF. 14. 6v ©p AM] e corr. F.  j»] 7o P. m'wl
om. V. 15. doty doa V. 17. Post 67/ add. Theon: x«
cvppetoe dilijlorg (BFVb; in V post xaf ras. 1 litt.). leow F.

19. doe] om. P.  péoar elol ‘}), sed corr. 4ot/ PB, comp.
Fb. m[} corr. ex dv- V., of — 20, 6v-] mg. m. 2 V,

19, alof] eloiv Aéym Gve walP.  20. udvov]eras. V. ovpucren
V, corr. m. 2. xal #mel] émel ydo P. 21, det/] supra scr.
m. 1 F. {Zorw] corr. ex {oov m. 1 F. 23 41] AHP. 24
dov/] om. P, 25 ZK] (alt.) Z corr. ex K m. 1 V.
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EK. &t 0% xol tov AM, NE teroaywveov uécov
avdiopov 16 MN* xol éovw loov zo putv Al 16 AM,
70 08 ZK © NE* xal ©v60 MN &ga igov éorl v EK.
aAda e udv EK loov [otl] ©0 40, té 08 MN igov
t0 A Slov &ga 0 AK lgov éotl v TP X yvouove
xel v NJE.  Zmel ovv 8Aov ©0 AK leov éotl tolg
AM, NE, av 70 AK lgov éotl v TP X ypvapove
xal v@ NJ, domov dga ©0 AB leov éorl tp TZX.
20 02 TX é6ri ©d amod vijg AN" 6 dmd vijg AN é&ge
laov o1l 16 AB yweln §) AN éga dvvarar to AB
yorglov.
Aépw [0%), 0vv v AN péong amorour] dove mowr).
‘Enel pag ¢nvév dotv 1o EK xal éomv ldov tg
AE, éqrov doo detl vo AF, vovréem vo Vmd Tov
A0, ON. uéeov 6% &0slydn 10 N5 devuusrgov doa
dotl ©0 AE 1t NE g 02 ©0 A5 meds vo N,
otrwg éotly 1 A0 medg ON' af A0, ON édga dovu-
uergol elor pixer. of ége 40, ON uéear elal dvvause
udvov ovpuergor Gyrdv mepiégovoar § AN dga uéens
amoropt) éote moaty' xal dvvarar 6 AB ywolov.
‘H &g 10 AB yogiov dvvapdvy uéeng dmorour
dove moaivn Gmep &ds Oelfar.
Gy,
'Eav yoplov mwepiégntar vmd ¢nvijg xal dmwo-
1. EX] EIF. NJX&) MN F, sed corr. 8. ZK] corr. ex
KZm.1V.” 4.76]eo V. fozl]om.P. 4] V., 6] V.
foov &6t/ Bb. 5. 76] (prius) 7 Vo. 1. av] & 9. doul]
m 2F 8 TZ]inras V. 9 70 8t TZ don] rovréon B.
10. deziv P. 1:0};] 70 omo wijs P; 1:0 end ziig AN mg. m.
1b.  12. d4] om péon PBFb péons @, © corr. m, 2 V,

doziv P. 18. 70 EK — 14. 16 A,:,] in ras. F. 13, ot}
dou b.  Post foov add. z$ (26 F) NM zovtéer Fb, m. 2 V.

Y
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[V, 1] et [id) EH:ZH=EK:ZK. quare EK me-
dium est proportionale inter 4I, ZK. uerum etiam
MN medium est proportionale inter 4M, N5 [prop.
LIl lemma). et 4I=AM, ZK= N[ quare etiam
MN=EK. uerum 40=EK, A5= MN [I, 43].
quare JK=T®X -} N&. iam quoniam 4K=_4M- N,
quorum 4K = T®X-} N§, erit reliquum 4B=T2X.
sed TX=AN® itaque AN*=4B. ergo AN qua-
drata spatio 4B aequalis est.

Jam dico, 4N mediae esse apotomen primam.
nam quoniam E K rationale est, et EK = A4/, etiam
A% rationale est, hoc est 40 >< ON. demonstrauimus
autem, N5 medium esse {u. p. 282, 18]. quare 45,
N5 incommensurabilia sunt. est autem

A : N5 = 40: 0N
[VI, 1]. quare 40, ON longitudine incommensura-
biles sunt [prop. XI]. itaque 40, ON mediae sunt
potentia tantum commensurabiles spatium rationale
comprehendentes. itaque 4N mediae apotome est prima
[prop. LXXIV]. et est AN?= 4B.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est prima; quod erat demonstrandum.

XCIIL
Si spatium recta rationali et apotome tertia com-

16. doztiv P. 16 NE] m. 2 B, mc 3] xal og doa B.

17 dativ] om. V 70§ mw FV. &g — 18. prxst) dv-
vaus; elol povov cwmnsfpoz in ras. V, mg. add. m. rec.: dou
y.nus:. eloly acvlmergm e 6‘E dn’ adTdv TeTodywva cUuuETON "
al 40, ON égo. 17. wppugot F. 19. AN] ON b,
AH F. péen BF VD, 21, 5 — mq[ov] om. g. dwa]
in spatio 9 litt. F. péen BFb. 22. Oxee £3s: deifos] comp.
P, om. BFVb.
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Touig TElTng, N TO ywelov dvveudvny uieng
amorous éat. devrépa.

Xwglov yog 10 AB megiegéodm vmd fyrijg vije AT
xol amorousjs Toltng tig AA* Afyw, Ome §) ¥6 AB
goglov dvvapévy péong amovour) ote devrépa.

"Eerew pog vfj AA mposapuofovoe  AH of AH,
H4 é&go gyral elow dvvaps. povov oevppstoor, xoal
ovdetéon 1v AH, HA 6dpuerods dote wijxes v éx-
xewudvy Onry vij AT, v 0% 8An v AH vijg moooapuo-
bovang tijg AH pstlov OUverar vd amd ocvuuéreov
éovrij. émel ovv § AH vijg HA peitov dvverar vd
and ovpuroov fevri), ékv Goa TG TeTdETE WPEL TOD
and vijg AH loov mega vy AH magafindif éAdstmov
&l TeTQaywve, &g oUpusToe avtiy dicdsl. TeTprodw
otw § 4H iya xove ©o E, xel v6 dwd viig EH leov
naga tqy A H negafefifedon éAdsinoy slds tetpaywve,
nal E6re 1O Vo 16y AZ, ZH. xal fydwcev dia TV
E, Z, H onueiov )] AT mogeliniot of E®, ZI, HK -
evupetgor doe slolv of AZ, ZH* ovupctgov dou xal
10 AT v ZK. xel émel af AZ, ZH oVppsrool &loc
unnee, xal 7 AH doo &navéog vév AZ, ZH 6vu-
uerelds dote wixst. Gnry 0% ) AH xal acvuucrgog
] AT pixer: wove xal of AZ, ZH. éxdregov dga tév

1. uéon BFVb. 5. péan BFb, et V, corr.m. 2. Zomuw P.
9. -oppot-] in ras. V.  10. dovppéreov b. 11, dmel — 12.
£ovtfj] punctis notat. V. 11. H4) 4H P. 12. zo¥] corr.
ex to m, 1 b, 14, dielel prixe V. 156. ] 6 .  18.
H] om. V, ZI] mut. in IZ V. 19. elolv] &l- e corr. V.
20. slowy P.  28. Gors nal of AZ, ZH) nel Enaréga doo
(supra ser. m. 1 V) 726y AZ, ZH {$nri} éovs ol dodupeteos T3
AT pimer: wol Theon (BF VD).

™
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prehenditur, recta spatio aequalis quadrata mediae
apotome est secunda.

Spatium enim 4B recta rationali 4I" et apotome
tertia 44 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen esse secundam.

nam A H rectae 44 congruens sit. itaque 4H,
H A rationales sunt potentia tantum commensurabiles,

4 4 E Z et neutra rectarum A4 H, HA
rationali propositae AI" lon-
gitudine commensurabilis est,

B T % tota autem 4H congruentem.
A N_ 0 A H excedit quadrato rectae
P sibi commensurabilis [deff.
Z—y A & tert.3]. quoniam igitur 4H?
. - excedit 4 H® quadrato rectae
sibi commensurabilis,si} 4 H*
p L n aequale rectae 4H adplicatur
spatium figura quadrata deficiens, in partes commen-
surabiles eam diuidet [prop. XVII]. iam A4H in E
in duas partes aequales secetur, et quadrato EH?
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, et sit 4Z >< ZH. et per puncta E, Z, H
rectae AI" parallelae ducantur E®, ZI, HK. itaque
AZ, ZH commensurabiles sunt. quare AI, ZK com-
mensurabilia sunt [VI, 1; prop. XI]. et quoniam A4Z,
ZH longitudine commensurabiles sunt, etiam A4 H
utrique 4Z, Z H longitudine commensurabilis est [prop.
XV]. uerum A H rationalis est et rectae AI" longi-
tudine incommensurabilis. quare etiam 4Z, Z H [prop.
XIII]. itaque utrumque 4I, ZK medium est [prop.
XX]. rursus quoniam 4E, EH longitudine commen-

H

r
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AI, ZK péeov davlv. wmdiw, énel ovpustods éotww
AE tfj EH pixst, xal 7 AH &ge éxarégy vév AE,
EH ovuusreds éote wijxs. ¢yry 02 1§ HA wel dovu-
pergog tij AL winer dyry doa xel éxarépe vdv AE,
EH xal dovppergog tf] AT urjxes’ éxdregov doa rdv
A0, EK uéoov éoviv. xal émel of AH, HA dvvaus
uovov ovuucteol &l6Lv, acluuergog doa otl mixes 1
AH tfj H4. ¢A’ 5 pdv AH tfj AZ dvppctoos éote
uijxet, 1 08 AH v EH' aovpuetgog doo éotlv ) AZ
v EH winer. ag 0% § AZ mpog v EH, otrag é6tl
10 AI mpog 10 EK: dovppstoov doa éovi zo AT
16 EK.

Zvveordto otv v udv AI loov revgdymvov To
AM, t¢ 0t ZK loov dgneriede o N5 meol vy adriy
yovlay ov ©¢ AM' meol iy alriy doa Ouduergdv
éott 10 AM, NE. &ote avrdv Oudpsrgog 4 OP, xai
norayeyga@dom to oyfjuc. Eémel ovv 7o vmo tév AZ,
ZH igov dotl ¢ amd tijg EH, fouwv dga og 7 AZ
ngog v EH, ottwg 1) EH medg vy ZH. add’ eg
utv 1 AZ meds v EH, otrwg éoti ©d AI meds To
EK* og 0% vy EH mos vy ZH, otrwg éorl to EK
npog 10 ZK- xnal ag dga 10 AI meds 0 EK, otrwg
0 EK modg ©v0 ZK' vév &go AI, ZK upéeov dvd-
Aoydv ot ©o0 EK. ¥ovt 0% xal tdv AM, NE reroa-

5 povoy péeov avdloyov o MN' xel éetiv icov 7o

utv AI © AM, v6 0t ZK ©p N5 xel ©0 EK doa

1. é6viv] ot PBYV, comp. Fb.  dorww) dore V. 8. pojuer]
om. B, 4H F H4 in ras. V. 4. ¢ntp — 6. p,mcu%m
2 B. 5. nal éxdregov V. 6. EK] ®K P. dotl
comp. Fb. Gwayuc ¢ euan,, V 7. slal evpperoos V

doriv V. wijxec] om, V. 8. AH] H in ras, V, deinde
add. wijxer m, 2. Hd4} 4HP. ald — 9. 1j EH] mg.

~
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surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV; cfr. p. 283 not.].
uerum H A rationalis est et rectae A4I' longitudine
incommensurabilis. quare etiam utraque 4E, EH
rationalis est et rectae AI" longitudine incommensu-
rabilis [prop. XIII]. itaque utrumque 4@, EK medium
est [prop. XX]. et quoniam 4 H, HA potentia tantum
commensurabiles sunt, 4H et H4 longitudine incom-
mensurabiles sunt; verom AH, 4Z et 4H, EH lon-
gitudine commensurabiles sunt. quare 4Z, EH lon-
gitudine incommensurabiles sunt [prop. XIIT]. est
autem AZ:EH = 4I:EK [VI, 1]. ergo A4I, EK
incommensurabilia sunt [prop. XIJ.

construatur igitur quadratum AM = 4I, et au-
feratur spatio ZK aequale N5 in eodem angulo po-
situm, quo AM. itaque 4M, NJE circum eandem
diametrum posita sunt [VI, 26]. sit OP eorum dia-
metrus, et figura describatur [cfr. uol. I p. 137 not.]. iam
quoniam est 4Z><ZH=EH? erit AZ: EH=EH:ZH
[V, 17]. est autem AZ:EH = AI:EK [V], 1], et
EH:ZH=EK:ZK [id.]. quare etiam 4I: EK=EK:ZK,
itaque EK medium est proportionale inter 41, ZK.
uerum etiam MN medium est proportionale inter qua-
drata 4M, N5 [prop. LIII lemma]. et 41 = AM,

m. 1P, 8 Post uév ras. 11itt. V. A4Z pijuar V. domw V.

9. wixer] om. V.  doa] supra scr. m. 1 F, 10. AZ]
supra scr. 4 b.  EH] inras. V. 11 76] (pr.) 70 dmo vijs F.
76] v b. EK] E4 supra ser, K b,  acvppstoor — 12.
EK] om. P. 11 dorl vé]) m. 2 F.  13. 6] corr. ex =6 m.
1 F.  zerpoyaveoy P, sed corr.  15. &#] supra scr. m. 1 F.

6] w6 F. 17, 9nd] dmwé b.  22. xal @g — 23. 760 ZK]
mg. m. 2 B. 23 10 ZX] ZK PB.

Euclides, edd. Hetherg et Menge. III 19
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ooy édtl 16 MN. aAde ©o pdv MN ldov éorl t A5,
10 0% EK loov [éotl] t6 4@ xal SAov dga 16 4K
loov éotl th TDX yvopore xel g NE. fore 0F xal
10 AK leov vols AM, N5 Aoumdv dgo tdo AB l6ov
éorl v XT, vovréor td amd viig AN tevgaywve:
% AN &po dvvarer 16 AB ywelov. )

Aéyw, 0ve ) AN péong dmorour) éove dsvrépe,

‘Enel yop péoa 20eiydn ra AI, ZK xai éovwv ioa
Tolg dnd oy A0, ON, péoov &oa xal éxdregov tadv
ano 1oy 40, ON" upéeny koo éxovége tév A0, ON.
ol émel ovpperedy dore 1o AI vi ZK, vpusroov oo
xel ©0 amo vig A0 v$ amd viig ON. mddw, émwel
aovppergov €0elydn 16 AI v EK, dovppsreov doa
dorl xal 10 AM g MN, vovtéore to amd vijg A0
16 Vo tov 40, ON* dove xal ) A0 dovuusreds
dote wijner 57; ON* of 40, ON doa péoar &lol Ov-
vause p'voy GUupETQOL.

Aéyw O, Ove xal péoov megiéyoveay.

‘Emsl yap péoov 0ely®n 10 EK xoi éonv isow
16 vmd twv A0, ON, uéeov dgo éorl xal ©6 vmd
tév 40, ON* @eare af A0, ON péoar slol dvvauss
ubvov evuustoor uéov meoiégovear. 1) AN doa péong
amorvowr éove devrépa’ xal dvvarar v6 AB ywelov.

‘H épe 10 AB ywpilov dvvaudvn péeons dmovour]
dort dsvréga’ Omep #der Oelka.

1. 7] corr. ex ¢ m. rec. P. @] corr. ex té6 m. rec. P.

2. 457 A8 F. <6] corr. ex ¢ m. rec, P. éot] P, om.
BFVb. ~ z¢] corr. ex 70 m. rec. P. Post 4@ in b adp. :~o,
deinde spatium 1 lin. uacat. 3. N5] mut. in NZ m. rec. B.
4, lgov] (prius) m. 2 FV. 6. AN] AMP; AN F, corr.
m 2 6 AN] A eras. V. 7 uéonp BFVb., Zeruw P, 11,
avppereov] (prius) ovpuetoog F. 12. s} corr. ex zé» F.
Post 40 add. ON B et supra m. 1 P. zijg] corr. ex

N
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Z K=N}j. itaque etiam EK=MN, verum MN= A%
(1, 48], EKX= 4®. quare etiam JK=T1T0X-4| N,
est autem etiam
AK = AM + Ng.

itaque reliquum 4B = X T= AN?, ergo 4N quadrata
spatio 4B aequalis est.

dico, 4N mediae apotomen esse secundam. nam
quoniam demonstrauimus, 4I, ZK media esse, et
Al = A40%, ZK = ON?, etiam utrumque 40° ON?
medium est. quare utraque 40, ON media est. et
quoniam AI, ZK commensurabilia sunt [V], 1; prop.X1],
etiam 40% ON? commensurabilia sunt. rursus quon-
iam demonstrauimus, 41 et EK incommensurabilia
esse, etiam 4 M et MN, hoc est 40* et 4O><ON,
incommensurabilia sunt. quare etiam 40, ON lon-
gitudine incommensurabiles sunt [VI, 1; prop. XIJ.
ergo 40, ON mediae sunt potentia tantum commen-
surabiles, iam dico, easdem spatium medium com-
prehendere. nam quoniam demonstrauimus, E K medium
esse, et EK—= AO>< ON, etiam 40> ON medium
est. quare 40, ON mediae sunt potentia tantum
commensurabiles medium comprehendentes. itaque 4N
mediae apotome est secumda [prop. LXXV]. et spatio
AB aequalis est quadrata.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est secunda; quod erat demonstrandum.

oy F.  14. dorly P. MN] NMP. 16 z§] corr. ex 76
m, 1F. 16. eloly P 18. megiégovoen V. 19, ydo)] om.
Fb, m. 2 B. 20. pésoy — 21. ON (pnusz] m% V. 22.
cvuspot P. AN D, yscn BFVbL., 23, éouew ywelov]
om. Theon (BFVb) 24, péon BFVb. 25 Gmeg £0ea1 deifau]
comp. P, om. BFVb

19%
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‘Eav yoelov wegiéymrar vmod ¢ntig nal dmo-
TOUg TETAQTNG, 1 10 ywolov dvvaudvy éAdedmy
éaciv.

Xwgiov yag 10 AB megiegéodo vmd ¢nrilg Tig
AT xal dmwovoudjg tevagrys tig Ad* Aépo, 6tL m o
AB ywglov dvvapévy éAdeeav otliv.

"Eotm pag 1) AA mgodapudfovea 5 AH* af &oo
AH, HA ¢yral el dvvdust povov evuueroor, xal 7
AH ovpuerodg ot tf) xneruévy oqrh th A wixe,
N 0% 0An % AH t5g moocaguofovens g 4 H psifov
dvvarer 16 dmd aovpudrgov fovry wijxsl. émel ovw
7 AH tiig HA psitov dvverar 16 dmd advpusroov
Savt] wixer, dav Goe T TevaQTe wipsL Tov AmO TS
AH loov maga vy AH noagaflndf éiisimov &ldee
TeTQayove, &g aovuueroe avryy Ouedsi. rerprode
ovv §) AH 8y xave 70 E, xal v¢ ano tiig EH leov
noga Ty A H nagafefinodo éiisinov slde tevpayave,
xai doto 10 vmo tdv AZ, ZH® aevppstpog doa forl
uixee § AZ ©f ZH. fydwdev odv 8w vov E, Z, H
nagdAdnhos vaig AL, BA of EO, ZI, HK. énsl odv
¢ty doviv §) AH nal ovpustgos tij AT wijxes, gnrov
aga éotly odov 10 AK. mdlw, émel aovuperods éotiv
1 AH vfj AT pijxes, nol elow appdregar ¢nral, uésov
liga dotl 10 AK. madw, émel dovupsreds dotiv y AZ
47 ZH mfxu, agvuuergor Goo xal v0 Al 1o ZK.

2 tetdorng amorouiis V. 4. éor{ BV, comp. Fb. 5.
¢neis Tijg] corr. ex zig m. 2 F, fnzijs V. 6. Ad] AB4 Db,
4 in ras. m. 1 B. 1] supra ser. P. 7. 4B] om. Bb, m.
2 V. 8Ad]mut1nABm2F AB b, 11. AH]HdV

12 Svvauivny P, ovupérgov B, corr. m. 2. 15, iooy]
nécody . 16. dodpperoor P, ovppstoa b.  diedel prixer V.,
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XCIV.

Si spatium recta rationali et apotome guarta com-
prehenditur, recta spatio aequalis quadrata minor est.

Spatium enim 4 B rationali 4I" et apotome quarta
A 4 comprehendatur. dico, rectam spatio 4 B aequalem
quadratam minorem esse.

sit enim 4 H rectae 44 congruens. itaque A H,
H A rationales sunt potentia tantum commensurabiles,

4 4_E 2 et 4 H rationali propositae
’ I ; , AT longitudine commensu-
r i . X rabilis est, tota autem AH
B 6 I quadrata congruentem AJH

_____ excedit gquadrato rectae sibi

’ W longitudine incommensura-

z l—y—'~ ——‘E’ bilis [deff. tert. 4]. iam quon-

’ / ‘ | iam AH? excedit HA® qua-

s : i .drato rectae si't.>i. longitudine
T incommensurabilis, si 1 4 H?

aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, in partes incommensurabiles eam diuidet [prop.
XVIII]. 4H igitur in E in duas partes aequales se-
cetur, et quadrato EH? aequale rectae 4 H adplicetur
spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH incommensurabiles sunt. iam per E,
Z, H rectis A", B4 parallelae ducantur E®, ZI,
HK. quoniam igitur 4 H rationalis est et rectae AI"
longitudine commensurabilis, 4K rationale est. rursus

p

17, EH]Eecorr. V. 19. 4oty PV. 20.uixe]om. V. ZH]|
HZF. dix P, E,Z] Z, E PFb, in ras. m. 2 B. 21,
Bd) erae. V, I'B b, 23. olov] supra. ser. m. 1 b. 52.
dotiv P. 26 dodppctov] ¢- del. F.  doa dori F.
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ovvearato ovw 1 udv AI loov tevodyovov to AM,
16 0t ZK loov dopporioda meol tiv avtyy yoviev
v On6 tov AOM to NE. meol tyv adryw doa did-
pergov der 1é AM, NE rerodyove. &6t alrodv
diduergog 1 OP, xal xaraysyodgde ©o oyfuc. émel
ovv 10 Omo 1ov AZ, ZH loov et 16 and vis EH,
dvdiopov dga éotlv wg 1 AZ meos v EH, olrwg
n EH mgdg v ZH. ¢id’ og utv 7 AZ moos tHv
EH, olrag Zotl ©0 AI moos 0 EK, og 0t § EH
7weds v ZH, otrwg Zerl 10 EK meog 10 ZK* tov
dge AI, ZK uéoov aviloyév éere vo EK. éom Oi
xol Tdv A M, N5 tergaydvav uédov avedoyov 160 MN,
xel éotiv igov vo uiv AI v¢p AM, 6 0% ZK v N 5"
xel v0 EK doa lGov éotl v MN. alia té uiv EK
loov o1l ©o 40, 1j 0t MN loov éotl ©0 A5 Siov
dga 10 AK ioov dorl 15 TPX pvauove xal v NJE.
énel ovv Glov 10 AK igov éotl voig AM, N5 tetoo-
yovog, dv 10 AK loov éorl 165 TDX pvdpove xai
9 NJE tergayove, dowxdv &pe to AB loov éotl v
ZT, rovréore v and vijs AN vevpapove: 1 AN doo
dvvarar 10 AB ymelov.
Aéyw, 8tu ) AN &hoydg éoTiv 7 xedovudvy éAdecaw.
‘Emel pag dnrov ot 10 AK xal éevwv leov voig
ano tdv A0, ON tergaymvoig, 10 doa Gvyxeipevov
éx tov and tov A0, ON {fqeov devwy. madv, émel
10 AK péaov dovlv, xal demwv leov 10 AK g dig
6 vy 40, ON, ©d dou dig Umd tév A0, ON uéeov
2. Post ZK ras. 1 litt, F. 3. zév} om. BFV. A4ON
@ et, supra scr. M, b. 76] ecorr.m.rec.b. 4. éami] eloe P.
5. %] m. rec. P. 9. AZ] AH, supra ser. Z, b, 7ijy]

om. P. 8. 4Z] Z in ras. F.' 9. ofrag] ofrms éotiv ) EH
wos iy ZH' 61" g uiv ) AZ meds tiv EH, oBras b.
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quoniam 4 H, AT longitudine incommensurabiles sunt,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam AZ, ZH longitudine incommensura-
biles sunt, 4I et ZK incommensurabilia sunt [VI, 1;
prop. XI]. iam construatur quadratum AM= AI, et
spatio ZK aequale auferatur N5 in eodem angulo
positum 4OM. itaque quadrata AM, N& circum
eandem diametrnm posita sunt [VI, 26]. sit OP
eorum diametrus, et describatur figura [cfr. uol I
p- 137 not]. iam quoniam AZ < ZH = EH?, erit
AZ:EH= EH:ZH [VI], 17). est autem 4Z: EH
= AdI:EK, EH:ZH = EK:ZK [V], 1]. quare EK
medium est proportionale inter 41, ZK. uerum etiam
MN medium est proportionale inter quadrata AM,
N5 [prop. LIII lemmal, et AT =AM, ZK = N,
quare etiam EX = MN. verum 40 =EK, A5=MN
[I, 43]. itaque 4K = T®X 4 NJ5. iam quoniam
est AK =AM 4 N5, quorum JK=T1T®X -+ N,
erit 4B==XT= AN ergo AN quadrata spatio
AB aequalis est.

dico, AN irrationalem esse minorem, quae uocatur.
nam quoniam 4K rationale est, et 4K = 40?4 ON?,
A 0? 4- ON? rationale est. rursus quoniam 4K medium
est, et JK=240><ON, 240> ON medium est.

éau’ om, V.  AI] supra scr. I' b. EH] E e corr. I,
itt. V. 10. f6¢(] om. V. 11. Zouv P. 12, ze-
rquymvmv] om. V. 18. A]] ATP. N&] Ninras. V. 14,

loov d6t(] doruw loov F, faoy 76] (alt.) 76 corr. in é» (7) V,
16. éoz(] om. V. ] w6 V. ©4B. Té] corr. ex
t6m 1V, 2z P. dot/] om. V. ,76] 7é P. 20. te-

Teaydye) om. V. 22. AH F. dvdloyes Fb. 24, tdv]
zoé P. 25, ON wergaydvay V, fon BVD, comp. F. 26
dotiv] comp. F, 6t/ PBVb. 16 4X]om. V. <d] ecorr. V.
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doriv. xal émel dovpuergov £0elydn vo AI g ZK,
devupustgov doo xal 0 amo tig A0 zerodywvov TH
ano tijg ON tergayove. of 40, ON &g dvvduee
slaly aovupergor morovoar TO uty Gvyxelusvov éx TAV
b an’ adTev TErgay@vev ¢nrov, 1o 0t Olg Un alrdv
udoov. 7 AN dga &Aoydg oty 7 xadovuévy éhaoeov:
xal dvvarar ©0 AB ywoiov.
‘H dga 10 AB ywgiov dvveuévy flaeewv éoviv:
Omep &0 Ocifou.

10 e’

‘Ecv yoeiov megiéynrar vmd §nrijg xal amo-
toutg wéumrng, 1§ 10 ywelov Svvaudvy [) pere
¢nrov uédov td Glov moroved 6Ty,

‘Xaglov yag 10 AB megieyéode Umo Gnrijs Tig

15 AT xel amovousjs méunrng wijs A4 Adyw, 6te % TO
AB ywolov dvvaudvy [7] uera gnrod uéoov 16 Glov
moLovow 0TIV,

"Eeto pog v AA mgocaguctovea y AH of doe
AH, H4 ¢yral elor Svvduer uovov evupcroor, xal 1

20 mgodaguifovea § HA oVuuergds ot uiinst vf énner-
uévy ¢ntf] v AT, 5 0% 8in ) AH vijg mpodaguo-
tovong tiig AH peitov dvvarar Té dmd devuudrgov
favr]]. éav doa T tevaore wigs tob amd i AH
laov mage v AH magapindf éAdeimov &ides teToa-

1. dot/ BVb, comp. F. 2. gdppergoy B, corr.m. 2.  &ou
dori V.  zevedyovor] om. V. 3. acvpuereol eloe dvvdps V,
deinde del. m. 2: dia 70 devregov Pedonua tov fifilov. 6.
AH F. dwvdloyog P, sed corr. 7. 4B] B corr.ex I’ m. 2 F.

8. fot/ B. 9. 8meg £0s1 dsiker] comp. P, om. BFVb. 12
7] (alt) om. FVb, m. 2 B. 13. 67¢ BV, comp. Fb. 16,
7] om. FVb, m. 2 B. 20. H4] in ras. m. 1 b, 4H P.

winer] om. V. 21 Al pwines V. "22. guppuéroov B, corr. m. 2.



ELEMENTORUM LIBER X. 297

et quoniam demonstrauimus, 4I et ZK incommensu-
rabilia esse, etiam 40% ON? incommensurabilia sunt.
itaque 40, ON potentia incommensurabiles sunt ef-
ficientes summam quadratorum rationalem, duplum
autem rectangulum medium. quare 4N irrationalis est
minor, quae uocatur [prop. LXXVI]. et AN?= 4B,

Ergo recta spatio 4B aequalis quadrata minor
est; quod erat demonstrandum.

XCV.

Si spatium recta rationali et apotome quinta com-
prehenditur, recta spatio aequalis quadrata recta est
cum rationali totum medium efficiens.

Spatium enim 4 B regta rationali 4I" et apotome
quinta 4.4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam rectam esse cum rationali totum
medium efficientem.

nam AJH rectae A4 congruens sit. itaque AH,
H 4 rationales sunt potentia tantum commensurabiles,

y 4B Z 4 et congruens HA rationali
| propositae A4 I' longitudine
i commensurabilis est, tota au-
B ® I X tem 4H quadrata excedit

r
4 ¥ o -+ congruentem AH quadrato
@ rectae sibi incommensurabilis
. "4 lg [deff. tert.5). itaque si { SH®
Y % &3 aequale rectae 4H adplicatur
spatium figura quadrata de-
P T |y  ficiens, in partes incommen-

surabiles eam diuidet [prop.
XVIII]. 4H igitur in puncto E in duas partes aequales
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yove, s aevpuston abryy dwedsl. tetprfodw oty g
AdH dfya nore ©d E onuelov, xel ©d amd vijg EH
loov mage tiv AH magefefiijoho élAsimov &idst Te-
Toaydve xel fdrw 0 tmd védv AZ, ZH' devpuergog
&po otlv | AZ vij ZH pijms. xol émel aovpperods
dovwv v AH t1j I'd uixs, xai elow aupioveoar dnrad,
uéoov doa dori 10 AK. mdlwv, émel nre) dovwv 1
AH xal ovppergog v A wins, ¢nrov deve 10 4K,
ovvestdre oty ve udv AI ldov vergdywvov T AM,
td 0t ZK loov verpdymvov appeiedm 1o NE meol
Y abryy yoviev iy vmd AOM' mepl v avrnv
doo Oiapctoov dote ta AM, NE tergayove. E6re
oty diductgog 1 OP, xnal xevaysypdpdn 1o oyjue.
ouolwg 07 delkousy, i 4§ AN dvvarar 16 AB ywelov.

Aéyw, 6tr §§ AN 7 peve gnrov uéoov 10 GAov
motoved éoTv.

‘Enxel pag uéoov 0elydn 10 AK wal édotw loov
rolg amwo tov 40, ON, ©0 &oa ovyxelucvov éx T@Y
axd tov A0, ON uéeov éoviv. mdiw, émel {nrdv
dore 10 AK nai éoviv loov 16 dlg vmd vy 40, ON,
xal avtd gnrdv domw. wal dmsl devuuergoy fote To
AI ©§ ZK, aevppergov &oo éotl xal ©6 dno tijg A O
t¢ and vijg ON* of 40, ON tga dvvdus elely dovu-
UeTQoL moLoUOoL TO piv GUyelusvov éx THY An’ VTGV
rergaydvey uéoov, to 0t dlg vx’ avtdv fyrov. 7
Aowmy dga § AN dhoyds detwv % modovuévy upera

1. Post duedei del. prnes V. 3. AH) He corr. m.1 V.

4. zo] corr. ex v P. 5. tfj] supra scr. m. 1 b.  Post
prixse add. xal fjzPecay dix tov E, Z, H t AT (4 b) magail-
Anlor of E®, ZI, HK b, mg. FV. 6. I'4] in ras. V, AT P.
8. Ante gvuperoos ras. 1 litt. V.  dox ot/ Vb, m.2 F. 9,
fatdrm b, fotw V.  10. rerodyovor] supra scr. F. -6 N5]
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secetur, et quadrato EH? aequale rectae 4H adplicetur
spatium figura quadrata deficiens et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
et quoniam 4 H, I'4 longitudine incommensurabiles,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam A H rationalis est et rectae 4T lon-
gitudine commensurabilis, 4K rationale est [prop.
XIX]. construatur igitur quadratom AM = AI, et
spatio ZK aequale auferatur quadratum N5 in eodem
angulo 4OM positum. itaque quadrata AM, N5
circum eandem diametrum posita sunt [VI, 26]. sit
OP eorum diametrus, et describatur figura [uol. I
p- 137 not.]. eodem igitur modo demonstrabimus,
esse AN*=A4B.

dico, AN rectam esse cum rationali totum medium
efficientem. quoniam enim demonstrauimus, 4K me-
dium esse, et /K = 4 0% 4- ON2, 410* 4 O N® medium
est. rursus quoniam A K rationale est, et

AdK =240>< ON,

hoc et ipsum rationale est. et quoniam AI, ZK in-
commensurabilia sunt, etiam 40% ON? incommensu-
rabilia sunt. quare 40, ON potentia incommensu-
rabiles sunt efficientes summam quadratorum mediam,
duplum autem rectangulum rationale. itaque reliqua

om. Theor (BFVb). 11, om0 zov» BFb. AOM t6 N5
(M= @) Theon (BFVb). 12. dori] eloc inras. m. 2 V. za
inras, m. 2 V. AM] 4in ras. m. 2 V. 18. cvyxelpevoy
om. V. 19. ¢r/ BV, comp. Fb. 21. adrd] 6 dlg oo vmo
tév A0, ON Theon (BFVb). 4éonu PBV, comp. Fb, 22,
AI] mut, in AE m. 2 F, 4E b. 23. ON] (prius) e corr, V.

25. 17] om. B.  26. nalovuévn] xa- supra ser. m. 1 b. 5
pere b,
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¢nTov ufeov to OAov moiovow xal dvverar to0 AB
{@olov.

‘H 10 AB dpa ywelov dvvaudvy pere §nrod uécov
10 OAov mowoved éoriv’ Omeg é0er deibuc.

’

Gs .

‘Eav yaogiov mwegiéynratr vmd §nrijg xal dxo-
tousg Exrng, 1 10 gwolov dvvaudvy peta pédov
uéeov o Glov morovoa ZaTiv.

Xwglov pag 10 AB megieyéodm vmwod ¢nsig tig AT
%ol amorvoutg Extyg vijg A Aéyw, 6t 9 0 AB
gwolov dvvaudvy (4] uere péoov uéeov Td GAov movovod
doriv. ‘

"E6te yag 1] Ad mgocagudfovea | JH* of éou
AH, H4 ¢nral elor dvvduer povoy 6vuustor, xoal
ovdsréon avTdv GUuuereds éove tij éxxsiudvy fnvy Th
AT wixes, 7 0% 0An  AH i3 meosaguofovons Tig
AH pettov dvvarar ve) and dovuuéroov favry wixst.
énel ovv ) AH vijg HA psitov dvverar ©d dno dovy-
uérgov Eavey] wixer, fev foa T tevdore udsr Tov
and vijg AH i6ov maga v AH magafindf édisimov
&ldes TeTQayve, lg a6vuucTon avTyy diedsl. TeTwiede
ovv § AH iy xaré ©d E [enusiov], xal 16 dwd Tijg
EH lgov maga vy AH magafefiiedeo éAdeimov &lden

3. dox 10 AB V. dox] om. PB, m. 2 F. 0olov
doa B. 4. omeo #0e1 dsifor] comp. P, om. BFVh. 6.
vx’P. 8. dont BY, comp.Fb. 9. 4B) ABI'P. 10. farne
tiig] corr. ex &xns m. rec, P. 11, 7] om. BFVb. 14,
nal oddsréoa) in ras. F.  15. avrév] tov 4H, Hd BVb, e
corr. F.  16. zii¢] (alt) e F.  17. ovppéreor P.  £avros F.

18, émed — 19. pijxst] mg. m, 2 B, 19. favris B, favrov F.
tov] 6 b. 20. AH)] 4H B. nwagefalopsy B, mega-
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AN irrationalis est cum rationali totum medium ef-
ficiens, quae uocatur [prop. LXXVII]. et AN?= 4B.

Ergo recta spatio 4B aequalis quadrata recta cum
rationali totum medium efficiens est; quod erat de-
monstrandum,

XCVL

Si spatium recta rationali et sexta apotome com-
prehenditur, recta spatio aequalis quadrata recta est
cum medio totum medium efficiens.

Spatium enim 4B rationali 4I" et sexta apotome
A 4 comprehendatur. dico, rectam spatio 4B aequalem
quadratam rectam esse cum medio totum medium
efficientem.

nam AH rectae 44 congruens sit. itaque 4H,
H A rationales sunt potentia tantum commensurabiles,
4 A E Z2H —et neutra earum rationali pro-

- positae A" longitudine com-
{ ' ' mensurabilis est, tota autem

r TOTK AH congruentem 4 H quadrata
4 ¥ _ 0 excedit quadrato rectae sibi
- -2 longitudine incommensurabilis

/’z v 4% [deff. tert. 6]. iam quoniam
/ X AH?® excedit Hd? quadrato
’ - rectae sibi incommensurabilis
P M longitudine, si } JH? aequale

rectae 4H adplicatur spatium figura quadrata deficiens,
in partes incommensurabiles eam diuidet [prop. X VIII].
AH igitur in puncto E in duas partes aequales se-
cetur, et quadrato EH? aequale rectae 4H adplicetur

Padrouevoy F, mogufolimpey Vb, 22, onpsior] om. P. 6]
¢ F. 23 iaov] om. V.  {cov &deimov V.
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TeTQUy VR, xal éoTw 10 Vo Tev AZ, ZH® acvupsrgog
doa dotlv © AZ vjj ZH pijxe. og 6% 5 AZ mpdg
iy ZH, otrwg €otl ©d AI mpdg ©0 ZK* aevuucroov
doa éotl 10 AI 1 ZK. xoi énel of AH, AT {nral
5 &l6r dvvaus uovov oevmpergor, péeov Zoti vo AK.
nidw, énel of AL, AH nral elor xel dovpusrool
wijxe, uéeov dotl xel v6 AK. émel ovv of AH, HA
dvvdust uovov ovupergol sloww, aevuuctoog dou éorly
N AH vy HA pijxes. og 6% 7§ AH modg v HA,
10 ovrawg dori 160 AK medg ©0 Kd* dodpucroov doa
dorl 10 AK v6 KA. evveerdto odv ve plv AT
leov verpdyavor 10 AM, v 0t ZK ildov dgnerode
megl v avtyy yoviav vo NE* mepl v adryy dgo
didusrody ot va AM, N5 revpdyove. Eote avrodv
15 duuergog 1, O P, xal xatayergétpa‘}w 10 oyfiua. 6yoiwg
07 volg mdve dslbopsv, Ore-1). - /IN dvvarar 10 AB

200l0v. L
Aéyo, Svv 9 AN [3)] peve péoov wegov vd Glov
moLovee EoTiv. ~

20 Emel pag uéaov &deydn vo AK wol dovy 160w
rolg amc Ty A0, ON, 0 &ga Guyxelusvoy FR\TGV
and tév 40, ON péoov fovtv. mdiw, émel ul¥ov
é9ely®n 10 AK xal doviv l6ov ¢ dlg Pmd tév A
ON, xal 76 dig ¥mo v A0, ON pdoov foriv. xal

25 émel aovUuETQOY 56&(1'87) 70 AK 6 4K, aovyyerga \
[a@a] oti xal te dmd Tov A0, ON zsrgayawa 0 \
olg v rév 40, ON. xal é’ml aelpusTedy éovi 1o

1. dodppszeov P, corr. m. 1. 2 ZH] HZ F. 3. Al}
dnd AIF. 4 dotiv P. AI] corr. ex AT m. rec. P. 5.
AK] corr. ex 4K m. rec. P, 6. moadiy — 7. 4K] om, P.

10. K4) 4K V. 11. Kd] corr.ex 4K V. 12, apyericde

A 4
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spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
est autem AZ:ZH = AI:ZK [VI, 1]. itaque A1,
Z K incommensurabilia sunt [prop. XI]. et quoniam
AH, AT rationales sunt potentia tantum commensu-
rabiles, 4K medium est [prop. XXI]. rursus quoniam
AT, 4H rationales sunt et longitudine incommensu-
rabiles, etiam 4K medium est [id.]. quoniam igitur
AH, H4 potentia tantum commensurabiles sunt, 4H .
et H4 longitudine incommensurabiles sunt. est autem
AH:HA4 = AK:K 4 [VI, 1}. itaque 4K, K4 in-
commensurabilia sunt [prop. XI]. construatur igitur
quadratum 4 M= 41, et spatio ZK aequale auferatur
N in eodem angulo positum. itaque quadrata 4M,
N circum eandem diametrum posita sunt [VI, 26].
git OP eorum diametrus, et describatur figura [uol. I
p- 137 not.). eodem igitur modo, quo supra, demon-
strabimus, esse AN? = 4B.

dico, 4N rectam esse cum medio totum medium
efficientem. nam quoniam demonstrauimus, 4K me-
dium esse,.et 4 K= 40%-+} ON%, 410°+ ON? medium
est. rursus quoniam demonstraunimus 4 K medium esse,
et 4K =2.40>< ON, etiam 2 40 >< ON medium
est. et quoniam demonstrauimus, 4K et 4K incom-
mensurabilia esse, etiam 40?+ ON? et 2 40><ON
incommensurabilia sunt. et quoniam 4I, ZK incom-

6 NEV. 13, nsgi — yovlay] om.Fb, mg. m. 2 B. aénﬁv]
(prius) adtiv iy owo AOM V. 16 N&]om. V. 14. éome
slo V. rergdyaove] om. V. 16, &dvazer — 18. AN] mg.
m. 2 V. 18. 5] (alt) om. P. 20, loov] m. 2 F. ~ 22.
¢ot! PBVDb, comp. F. ~ 24, doz/ PBV, comp. Fb. 26. doc]
om. BFVb.
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AI vg ZK, devuuctgov &oa xal ©o amo tig A0 16
and tjg ON' of A0, ON dpa dvvapss &loly acvu-
HETQOL TOLODOAL TO T& OUYxELpEvoY &k TOY 4n avTOY
TeTQaymvoy widov xai vo Olg vn’ avrdv pdeov ér re
10 &7’ avThY TETQdyeve aovppeTon TH Olg UN avTdY.
7 dpa AN &hoyds €orwv m xadovuévy meve uésov
uéeov 6 OAov motovee xai dvvarar t0 AB ywelov.

‘H éoa 10 goolov dvvaudvy ucra pésov péeov o

_84ov mowoved éomiv: Omep €& Osibas.
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15

20

25

6g'.

To amd amoroutis mwaga ¢nTRv magafalrlo-
pevov mAdrog movel amoTouNY TEBTYY.

"Eetw amotoun 1 AB, dnry 0t 7 I'd, nai 16 amwd
tijs AB leov mage vy I'd magafefiijodw vo I'E
zldrog morovy iy I'Z: Aéyw, 61v %) I'Z dmozour} éote
neeITY).

"Eotw yag v AB mgodagudtovea 5 BH' of doa
AH, HB ¢qral &lor dvvduer udvov evuustgor. xal
v6 ptv awd tijsc AH loov maga vy I'd magafefiijoda
to I'®, v 0% dmd vijg BH ©6 KA. 8iov éga vo I'A
lsov éerl voig dmd v AH, HB- v 16 I'E ioov
davl ve amé i AB° Aowmdv &ea vd Z A loov éoxl
té Oig Ym0 tdv AH, HB. reruode 5 ZM Olye
xore o N onueiov, xai 7yde Owe ot N tj I'a
nopdAiniog % NE'  éxdregov dga tov ZE, AN
loov éorl tve) vmd vdv AH, HB. xel émel va dmod

2. ON] (prius) NOP. 8. 1¢] uév BEVb. oguynelpevor]
m. 2V, 4 wxa/]ins.m. 1V. {#n] e inras. V. 6. AN]
corr. ex AN B. 7. mowovsms ¢. 8. ywolov] 4B BFb, 4B
qwelov V. 9. Smeo #der sifar] : v P. 11. dn6] om. b,
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mensurabilia sunt, etiam 40 O N2 incommensurabilia
sunt. itaque 40, ON potentia incommensurabiles
sunt efficientes summam quadratorum mediam et duplum
rectangulum medium et praeterea quadrata et duplum
rectangulum incommensurabilia. itaque 4N irrationalis
est cum medio totum medium efficiens, quae wocatur
[prop. LXXVIII]. et AN*= AB.

Ergo recta spatio illo aequalis gquadrata recta est
cum medio totum medium efficiens; quod erat demon-
strandum.

XCVIL

‘Quadratum apotomes rectae rationali adplicatum
latitudinem efficit apotomen primam.

Sit 4B apotome, I'4 autem rationalis, et quadrato
AB? aequale rectae I'4 adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z primam esse apotomen,

4 B H nam BH rectae 4B congruens
I —— sit. itaque 4 H, H B rationales sunt
r Z _NX M potentia tantum commensurabiles

[ [prop. LXXIII]. et rectae I' 4 ad-
] plicetur I'O — 4H?, K A = BH".
4 E 56 4 jaque totum I'd — AH® + HB,
quorum I'E=A4 B itaque reliquum Z4 =2 AH><HB
(11, 7]. iam ZM in puncto N in duas partes aequales
secetur, et per N rectae I'd parallela ducatur NZ.
itaque Z 5 = AN = _4H>< HB. et quoniam 4H*- HB®

12, moei P, corr, m. 1. 17. 4B] Bin ras. V, BH] HB

ecorr. V. 19. A4H] corr. ex Ad m. 1 F, 22 ZA4] AZ P.
23. téy] om. P. 26 ZE] HZ F. AN] corr.ex N4 V.
26. 16 dwaf vmwé V.

Euclides, edd. Heiberg ot Menge. III 20
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1év AH, HB ¢nrd éomv, xal ot volg and vov AH,
HB leov 10 dM, gyrov dou éorl 10 AM. xal woga
ey vy I'd megaféfinrer mwidrog mowovy v I'M:*
$nrny doe dotiv §) I'M xal ovpustgog tf; I'd paxsc.

5 madwv, énsl pédov éotl 1o dlg vwd vav AH, HB, xel
16 dlg Umd v AH, HB loov t6 Z A, uéoov &ge to
Z A. xal mage §yriy vy I'd magdxsirer midtog molovy
viv ZM* §nry e dotlv 1) ZM xel aedpustgog Tij
T'd uins. xal émel ta pdv dmd vov AH, HB éyre

10 éomy, 1 6% Olg Umo tév AH, HB uéeov, dovuusroa
&oa éotl ve and vdv AH, HB ©¢ dlg vné tov AH,
HB. =xal volg udv amdé tdv AH, HB ieov éeri o
I'd, ©g 0% dig vwd vév AH, HB v0 ZA* devuusroov
doa dotl 10 AM v Z A g 0 160 AM mpds 1o

156 Z A4, obrwg dotlv ) I'M meds iy ZM. acduuctpog
doa dotlv ) I'M tf) ZM uiner. xol sl6iv dupiorsar
¢nral of dga T'M, MZ ¢nrel gloe dvvaus udvov
ovuustoor: ) I'Z &ge amoroun éotiv.

Aéya 09, Gre xal mpawr.

20 ’Emsl pag tdv and vdv AH, HB péeov dvdioydv
ote ©0 Vmo tév AH, HB, nal fov. v¢ pdv dmd vijg
AH loov v I'®, v¢ 6 and tijg BH loov vo KA,
7e 0% vmd vav AH, HB ©6 NA, xel vév I'G, K A
doo uéoov dvdloyov deve v0 NA' Eerwv dpe g To

25 I'® mgog 10 N A, otrwg ©&6 NA meds ©0 KA. aid’
og udv 70 I'O medg ©0 N, ovrwg éotlv 7 I'K mpog

1. §nrd — 2. HB] mg. m. 2 B, 1. éorwv] foz PBVD,
comp. F. xal dote tols] Tols 82 V. 3. mogaxeitow Theon
(BF Vb); megapépinrer supra add. m. 2 B, 6. @] corr. ex
t6 FV. 8. Zotiv] dotl xal F.  xol devppstoog] bis b.  10.
dor: BV, comp. b, elor F? péoa P, et F, corr. m. 1. 11,
dea] om. B.  dotiv P. 12 xaf] mat dore BFVD,  Zovl]

B
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rationale est, et 4 M = 4H? 4+ HB? AM rationale
est. et rectae rationali I'4 adplicatum est latitudinem
efficiens I'M. itaque I'M rationalis est et rectae I'g
longitudine commensurabilis [prop. XX]. rursus quon-
iam medium est 2 AH><HB, et ZA=2 AH>< HB,
Z 4 medium est. et rectae rationali I'4 adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam 4 H®-+ HB? rationale est,2 4H>< HB
autem medium, 4 H? 4+ HB? et 2 4H >< HB incom-
mensurabilia sunt. et
I'd= AH? 4 HB? Z4=2AH >< HB.
itaque 4 M, Z A4 incommensurabilia sunt. est autem
AM:ZA=TM:ZM [VI, 1], itaque I'M, ZM
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque I'M, MZ rationales sunt
potentia tantum commensurabiles. ergo I'Z apotome
est [prop. LXXIIT].
iam dico, eandem primam esse. quoniam enim
AH >< HB medium est proportionale inter 4H?® et
HB? [prop. XXI lemma), et I'® = 4H*? K4 = BH?
N4 = AH > HB, erit etiam N.4 medium propor-
tionale inter '@, KA. quare I'O@:NA = NA:KA.
est autem I'O: NAd=ITK:NM et NA:KA= NM:KM
[VL, 1]. itaque TK>< KM= MNZ?[VI,17] =1 ZM*.
om. BFVb. 18. HB] corr. ex 4B m. 1 b, HB loov V. 15.
7ij»] om.B. 18, {6z BVb, comp.F. 21. oz (alt.) éorew P.
o] corr.ex 76 m. 1F. 22, ©i6 8% vmo oy AH, HB loov 7o
N4, ©¢ 8% and tijs BH loov 0 KA nal xtk. Theon (BFVD).
24, NA] e corr. V. foriv — 25. meog to N.A] mg, m.
1 P. 28 NA) corr. ex AN V.  ottwg — 26. NA] mg.

m. 2B 26 NA]corr.ex ANV. dotr]m. 2F. 7]
ras, 1 litt. b.

20*
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iy NM' og 0t 10 NA mgog 10 KA, otrwg éoriv
% NM =mgdg v KM 10 &pa vmd rev 'K, KM
ioov dotl ¢ and tis N My tovréor. ve terdore pépst
100 anl vijg ZM. xol émsl ovuperodv deTi TO dmod
5 tii¢ AH v dmo vijg HB, ovuusreov [éor.] xal v0 I'O
v KA. &g 8t 70 I'® mgég v6 KA, otrmg % 'K
meos v KM' ovpuergog dga éotlv § 'K ) KM.
énel ovv 0vVo evdeton dvicol slow of I'M, MZ, xel
Te TeTaQTe Qe Tob amd tig ZM Ileov mega Tnv
10 I'M magafépinror éAdsimov clde zevoaywve ToO VIO
wov 'K, KM, xal éott evupergog § I'K 75 KM,
n &oa I'M tijg MZ psifov 0dverar té amd cvpuérgov
éavrf) urjrst. xel éoniv § I'M ovpustoog vf) éuxsipévy
onrq ) I'd wixe 7 dooe I'Z dmorowr ove moarry.
15 To &pa amd dmorouijs mage $yriy megafaridusvor
wAdrog moisl amoTouny mewTnY* Omse &0er Ositau.
ay'.
To amd uéons amorouijs TEBTYg WA Qe $YTNY
woagafalioucvorv mwAdrog morel amorouny Ocv-
20 T€Qav.
"Eete péeng amovouy meary v AB, ¢nry 0t 5 ',
xel 16 awo tijg A B ldov mege iy I'd magaefefiiod e
10 I'E mhdrog motovv v I'Z* Aéyw, 8v 9y 'Z amo-
Tou éor devrege.
25 "Eoto yag 15, AB mgocaguifovee 1 BH' ol &ga
AH, HB uéecs elol dvvduer uovov ovuustgor ¢nrov
meQuégovoen. xal T udv émd vig AH loov mapd Ty

1. g 8¢ — 2. KM] om. F, uidetur fuisse in mg. 2. Post
prins KM add. xai o5 doa 7 'K moos oy NM (MN F), o%t0g 7

/‘\
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et quoniam 4 H?, HB*? commensurabilia sunt, etiam
I'®, KA commensurabilia sunt. est autem
I'o:K4A=TK:KM

[VI, 1]. itaque I'K, KM commensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et } ZM? aequale spatium rectae I'M ad-
plicatum est I'K >< KM figura quadrata deficiens, et
I'K, KM commensurabiles sunt, I'M? excedit MZ?
quadrato rectae sibi commensurabilis longitudine [prop.
XVII). et I'M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est prima
[deff. tert. 1].

Ergo quadratum apotomes rectae rationali adpli-
catum latitudinem efficit apotomen primam; quod erat
demonstrandum.

XCVIIL

Quadratum mediae apotomes primae rectae rationali
adplicatum latitudinem efficit apotomen secundam.

Sit .4 B mediae apotome prima, I'4 autem rationalis,
et quadrato 4B? aequale rectae I'4 adplicetur I'E
latitudinem efficiens I'Z. dico, I'Z apotomen esse
secundam.

nam BH rectae 4B congruens sit. itaque 4H,
HB mediae sunt potentia tantum commensurabiles

NM =mgog tpy KM FVb, 3. tovtéeriy P. 4. ovpusteos P,
corr. m. rec. éoriv P. 6. éot.] om. P, 11, ot P.
dovppszgog F. 12, 'M] MTI' e corr. V; KM supra scr.
I'b. MZ]}ZMPF. dovppéroov b, d¢- add. m. 2 F. 15,
moge ¢noiv] om. V., 16. Smweo #0081 Seifoun] comp. P, om.
BFVb. 21. péon BFVD. 22. Post mage del. ¢n m. 1 P.
I'd) 'M F. 23. I'E] corr. ex I'® m, rec. P. 25. BH]
corr., ex ZHm. 2 V., of doa)] &oa 7 F. 26. slaiy B.



10

15

20

310 STOIXEIQN "

T'd magefefiijedo ©0 I'© mldvog mowotv iy 'K,
td 0t and tiig HB loov t0 KA midrog mowovw Tow
KM 6lov éga 10 I'4 Il6ov Zorl 7ois amo tdv AH,
HB- péoov age xal 10 I'Ad. nal mwage ¢y v I'd
negaxetor whdvog mowovy vy I'M: gnry dgo éorly
1 T'M xzal dovpucroog tff I'd wixe. xal émel v0 I'A
igov Zotl tolg and v AH, HB, ov td éno tijg AB
loov dovl v I'E, Alomdv aga 10 dlg vmd tév AH,
HB loov dotl vep ZA. Jnrov ¢ [dome] o dlg vmd
tév AH, HB' ¢gnrov doa ©0 ZA. xal mage $nryw
v ZE nagaxeitar wiatog mowodv iy ZM: ¢y bga
éovl xol n ZM xal ovpustgog v I'A pijxer. émel ovw
te udv amd tov AH, HB, rovtéen ©o I'd, upéeov
doriv, 10 0% dlg vno tdv AH, HB, tovtéer ©0 Z A,
dntov, acvpuctoov dga fotl o I'd vis ZA. g 0% 76
I'A mdg 10 Z A, otnwg éetlv ) I'M moog myv ZM-
aotupstgog dpoa 7 I'M vjj ZM wijns. xal elow du-
gporepar fnrel’ of dge I'M, MZ ¢yral elor Svvipe
udvov edpuergo’ 1 I'Z &pa dmorour) deTiv.

Aéyo 81, Ot xal devréoa.

Terwiodeo ypog 7 ZM dlga xete 6 N, xel yde
dwx to0 N tf) I'd mapdiiniog 3 N5 éxavegov dou
tov 25, NA leov o1l 16 vmo tov AH, HB. xal
énel 16y amd tov AH, HB terpeysvav uéoov dva-

1. 10 dea Peflicto o. o I'®) om. V, supra est ras.
FK]TKzw I'® V. 8.T4]I'db 4. Post HB add.
nal ot va dmd tov AH, HB péon nel foe té6 I'd V. 5.
ontif] -oj in ras. P. 6. ) ’'M xal]l m. 2 F. 8. ozl v
TE[ 6 I'E &v @. 9. dou] om. P,” 10. &ea] dors xal V,
supra add. foo m. 2; Joa nal F? (el ). 12. Zotiv B. 14,
dov{ PBFV, comp. b. HB ¢nréy V.  ZA] I'd, supra scr.
Z, b 15, ¢nrév] om. V.  &ex] m. 2 F. 16. mpog 76
¢ B, corr. m. 2. toriv] om. V. 17. dedpueroos — ZM]
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4 g g spatium rationale comprehen-
et dentes [prop. LXXIV]. et qua-
r Z NK M drato AH? aequale rectae I'4

adplicetur I'®@ latitudinem efficiens
'K, quadrato autem HB? aequale
K 4 latitudinem efficiens KM.
quare totum I'4 = A H® -+ HB® quare etiam I' 4
medium est. et rectae rationali I'4 adplicatum est
latitudinem efficiens I'M. itaque I'M rationalis est
et rectae I'd longitudine incommensurabilis [prop.
XXII]. et quoniam est
I'd= 4H* + HB?,
quorum 4 B?=T'E, erit reliquum 2 {4H>< HB=Z A
[II, 7]. werum 2 4H>< HB rationale est. itaque Z 4
rationale est. et rectae rationali ZE adplicatum est
latitudinem efficiens Z M. itaque etiam Z M rationalis
est et rectae I'4 longitudine commensurabilis [prop.
XX]. quoniam igitur, 4H® -4 HBE hoc est F4, me-
dium est, et 2 4 H>< HB, hoc est Z 4, rationale, I'4
et Z A4 incommensurabilia sunt. est autem
Frd:ZA=IM:ZM

[V], 1]. itaque I'M, ZM longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tantum commen-
surabiles. ergo I'Z apotome est [prop. LXXIII].

iam dico, eandem secundam esse. ZM enim in N
in duas partes aequales secetur, et per N rectae I'd
parallela ducatur N5, itaque ZE§=NA=4H><HB.

a E E0 4

mg. m. 2 B. 18, &p] o, post MZ bab. F. 19, dote BVD,
comp. F.  20. 6re dovd Vb.  Sevtéon doriv B. 28, 2]
Z in ras. B. 24. #mel] #ru B (supra est ras.),
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loydv éeti 1o vmwod v AH, HB, xai otw idov o
pv dwd vijg AH v I'O, 16 0 imd rov AH, HB
) NA, ©6 0t dnd vijs BH t9 KA, xel tov I'O,
K A4 dga péoov dvdioyov €oti 10 NA* éeviv dga g
70 I'® mpdg 10 NA, ovrwg vo NA mgig ©0 KA.
aAd’ g wtv 16 I'O mpog ©0 N A, ovrws éotlv § CK
mwoog tyy NM, &g 0t to NA meds 0 KA, olrmg
dotlv § NM mgog wjiv MK' ag éga 7§ I'K moog topw
NM, ovrwg éorly 7 NM wmgos v KM" 16 dga vmd
v 'K, KM loov éotl 16 amd wiig NM, tovréome
ve) Terdore udps tov dmd tig ZM [xal émel evyu-
uer@ov éore 1o and vijg AH v énd viig BH, cvpue-
790y éore xal 76 I'@ ©6 K A, tovréerww 1) 'K vfj KM).
énel odv 8vo edPelar &vicol sleww of T'M, MZ, xal
T tevdoro uéger Tod amod tig MZ loov mage Ty
pectove my I'M mapaféfintar éAdeimov &ilde verga-
y&ve 0 vmo tov I'K, KM xel els evupsron atrny
diewget, § doa I'M wijg MZ peifov dvvarer t6 dmod
ovuuérgov fovry] wixer. xel femv 4 moodupudfoven
N ZM ovpuctog pijxel T Exxaipdvy dqrii v LA 3
doa I'Z amovour] éoti devripe.

To doo dmd uéeng AmMOTOUTS TEWTNG Wage YTV
negufuliduevoy mldvog moisl dmovouny Osvrigav®
Omeg &0er Osika.

69,

To dmd uéeng dmotoutis Osvrioag maga
dnTyv wagafaiiopsvor midvog morel dmoTouny
TolTnv.

1. dorv] dom V.  loov] supra scr. m. 1 V. 2. zg] in
ras. V. 3. 76]) rév mut. in 6 m. 1 V. 7] w6 P.  vg)

76 PV. 7iv] v¢ b, 5. 16 Nd4] (alt) mg. m. 2 F.  meos
0 KA] 70 N4 . Deinde del. m.1: &di’ dg piv 70 I'6 mgog
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et quoniam 4 H >< HB medium est proportionale inter
AH?® et HB? [prop. XXI lemma], et AH?= IO,
AH>}X HB=NA, BH?*= KA, etiam NA me-
dium est proportionale inter I'®, KA. itaque erit
I'O:NA=NA:KA uverum I'@:NA=TK:NM,
NA:KA=NM:MK [V1,1]. quare 'K: NM = NM:KM.
itaque FK>X KM= NM? [VI, 17], hoc est =3}Z M2,
iam quoniam sunt duae rectae inaequales I'M, MZ,
et + MZ*? aequale maiori I'M adplicatum est spatium
I'K>< KM figura quadrata deficiens et eam in partes
commensurabiles?) diuidit, I'M? excedit MZ? quadrato
rectae sibi commensurabilis longitudine [prop. XVII].
et congruens Z M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est se-
cunda [deff. tert. 2].

Ergo quadratum mediae apotomes primae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

IC.
Quadratum mediae apotomes secundae rectae ra-
tionali adplicatum latitudinem efficit apotomen tertiam.

1) Nam 4H? ¢t BH? commensurabilia sunt, et
AH?*:BH!=T©:KA=TK:KM
[V], 1]; tum u prop. XL -

10 N4, ovtws 160 NA meos 60 KA V. 8. NM] Ninras. V.,

9. Zotfy] om. V., 11, zo4] =z F. nel émwel — 13,
KM] om. P. 12. 4ont] om. Fb. Post BH del. ofrmg
m. 1 V. 13. 4ov.] supra scr. m, 1 FV. 14, §do e0@eio
suprascr.m. 1F.  xel v6] zd 84 BFVb.  15. 77j¢] e corr. V.

MZ] corr. ex ZM V., 17. z6] mut. in z¢ m. 2 P. 18.
zijs] corr. ex 7jj m. rec. V.  20. Mg. ye. doduperoog m. 1 P.

4] I'd piner . 22, medirng] om. P. 24, dmeg #dee
d¢itai] : p== P, om. BFVb.
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"Eeto ufeng damovoun Osvvége f AB, ¢nry 6% 7
I'd, xel ¢ amwo vijs AB Idov mage oy I'd mega-
Bepricfe 10 I'E mAdzog mowovy iy I'Z' Adyam, Gt
1 I'Z amorour éovi woivy.

"Eotw yap tf; AB moosagudfovoe 7 BH' of dpa
AH, HB uéear slal dvvduer povov ovuueroor pédov
neguéyovoar. xel 1 utv anoé tig AH leov mage v
I'd mogafefifodo 16 I'® midrog moiovw wiv I'K,
te 0% ano vijg BH loov nmege vy KO nagefeflijodo
10 KA midrog morovw vy KM" 6Aov dge 10 I'A l6ov
éotl roig amd tov AH, HB [xal d6v. uéoe ta dmd
rév AH, HB)]* uéoov dou xal 10 I'd. xal mage éyray
mpw I'd negafifinror mddzog moovv vy I'M* énry
doo éotlv ) I'M xal aevpustgos vif I'd wine. xal
émel 6Aov 10 I'4 loov éetl voly awo v AH, HB,
ov 0 T'E loov d6vl 15 dmd vijg AB, Aownlv &ge 1o
AZ ieov dotl 16 Olg vwd tév AH, HB. zermijoda
ovv ) ZM 0lye xata 16 N enusiov, xal vf) I'd nogdi-
Andog TxPe B N5 éxdregov dga tov Z5, NA leov
doti t6 vmé tév AH, HB. uéoov 0% 16 vmd rév
AH, HB* péoov dgo éoti xal vo ZA. xol magn ¢nryy
v EZ mopdxsivar mddrog mowoty v ZM' ¢nry
doa nal n ZM nal aeUppergog tff I'd pins. xal
énel af AH, HB Odvvaus. uovov &lol 6vuustgol, aoiu-
uergog &oo [éovl] wixee § AH vy HB" acvpuergov
oo éorl xal 70 amo thjs AH ve vmd vov AH, HB.
dAde t@ ulv amd vis AH ovppsrpe éoti To GmO TGV

1. wéon BYV. dsvréon] in ras. V. 4. tolrn éotly
BFVb. 9. KO) corr. ex 'O V. 10. KM] corr. ex K4
m. 1 F. TI'4] corr. ex X4 V.  11. ne/ — 12. HB] om.
¥Vb, m. 2B. "13. §neév P. 17, 4Z] corr.ex ZA V., 21.
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Sit 4B mediae apotome secunda, I'd autem ra-
tionalis, et quadrato 4 B? aequale rectae I/ adplicetur
I'E latitudinem efficiens I'Z, dico, I'Z apotomen
tertiam esse.

nam B H rectae 4 B congruens sit. itaque 4H, HB
mediae sunt potentia tantum commensurabiles spatium

4 g gy mmedium comprehendentes [prop.

f—— LXXV]. et quadrato 4H® ae-
I' Z NK M quale rectae I'd adplicetur I'®
% latitudinem efficiens I'K, quadrato
| 4 autem BH?® aequale rectae KO
a4 E 560 4 . . .

adplicetur K A4 latitudinem effi-
ciens KM. itaque totum I'd = AH® 4 HB® et
AH® + HB? medium est. itaque etiam I'4 medium
est. et rationali I/ adplicatum est latitudinem ef-
ficiens I'M. quare I'M rationalis est et rectae I'd
longitudine incommensurabilis [prop. XXII]. et quon-
iam est I'd = 4AH*®+4 HB?, quorum I'E = AB?
erit reliqguum 4Z =2 A4H>< HB [II, 7]. iam
ZM in puncto N in duas partes aequales se-
cetur, et rectae I'4 parallela ducatur NJ5. itaque
Z5=NA= AH> HB. uerum 4H><HB medium est.
itaque etiam Z 4 medium est. et rectae rationali EZ
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam A4 H, HB potentia
tantum commensurabiles sunt, 4H et HB longitudine
incommensurabiles sunt. quare etiam 4H®et 4H><HB
incommensurabilia sunt [prop. XXI lemma, prop. XI].

Z 4] corr. ex Zd m. rec. P, mut.in 4Z V., 23. xaf] (primum)
dotiv V. 25 dorf] om. P. AH] H in ras. V. "1y om. b.
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AH, HB, v 0t vmo réov AH, HB 16 dlg vmd t6v
AH, HB" acvpucrpa dpx €otl v amo rov AH, HB
t¢ dlg Umo vov AH, HB. dida 7ol ulv awd tdv
AH, HB igov éovl to I'd, vy 0% dlg vmd rov A H,
HB ieov Zoti v0 ZA* devppctoov dga dovl ©o I'A
19 ZA. &g 0t 16 I'd medg 10 Z A, otrwg iotiv 5
I'M mods v ZM' acevuuergog oo éotiv §) I'M i
ZM wixe. ol elow aupdregar ¢nral: of dga I'M,
MZ gyral slor dvvdper povov 6Uuueror” dmotoun
doa totlv 7 T'Z.

Aéyew 81, Ote xal TolTy.

"Emel pog ovuustody et 1o amd vijg AH t6 amd
tii¢ HB, ovuusrgov doe xal ©o I'@ 16 KA dore
xal § 'K v) KM. xol énel vév and véov AH, HB
uéeov avdaloyov dort o vwo tov AH, HB, xel éote
T uiv and vijg AH leov ©o I'®, v 6% and vis HB
leov v6 KA, v 0% vno tdv AH, HB isov 16 N,
xel tv '@, KA éga uéeov dvdioyov deve 10 N A
forwv dga g 10 '@ meog ©0 NA, ovtwg 10 NA
npog 10 KA. add’ &g wpiv 10 I'O mpdg 16 N A,
otrag éetlv 'K mpdg miy NM, og 8¢ 0 N A medg
160 K4, ovrwg éorlv 7 NM medg vy KM' ag dew
% 'K mgog v MN, ovrawg éotlv § MN mgog v
KM 1d dge vwd tov 'K, KM ldov éorl vé [dmd
tiig MN, tovréers v retdore udoss Tov and vig ZM.
énel ovv dvo e0®slow dviool sloww of M, MZ, xal
T Tevdgre uégse Tov 4md vig ZM loov magx Thv
I'M nagaféfinror élAeimov &lder rergapave xal &lg

1. 78] ovppergdy ot 76 Theon (]BFVb). 2. Post HB

del. 16 Z4 V.  aovupsroa — 3. HB] om. P. 2. dodpueren
— 6. ZA]lmg.m.1V. 2 dex] om. b. Zomw o V. dmd]
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uerum 4H® et 4H®*4 HB?, 4AH><HBet2 AH><HB
commensurabilia sunt. itaque 4H?-} HB? et 2 4H>< HB
incommensurabilia sunt [prop. XIII]. est autem

I’'d= AH*+4 HB?, ZA =2 AH > HB.
quare I'4d, Z A incommensurabilia sunt. est autem
IT'd:ZA=IM:ZM [V], 1]. quare I'M, ZM lon-
gitudine incommensurabiles sunt [prop. XI]. et utraque
rationalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXTIT].

Jam dico, eandem tertiam esse. nam quoniam A4 H?,
HB? commensurabilia sunt, etiam I'®, K 4 commen-
surabilia sunt. quare etiam I'K, KM commensura-
biles sunt [VIL, 1; prop. XI}. et quoniam 4H>< HB
medium est proportionale inter 4H? et HB® [prop.
XXIlemma], et '®=A4H? KA=HB% NA=AH><HB,
etiam N4 medium est proportionale inter I'®, K 4.
itaque I'@: NA = NA: KA. est antem

I'6:NA=TK:NM, NA:KA= NM:KM
[V, 1]. quare 'K: MN=MN:KM. itaque [VI, 17]
I'K>< KM = MN? = 1ZM? quoniam igitur duae
rectae inaequales sunt I'M, MZ, et 1 ZM?® aequale
rectae I'M spatium adplicatum est figura quadrata
deficiens et eam in partes commensurabiles diuidit,

omé B. 4. I'4) corr. ex I'd m.rec. P. 7] 76 V. 5. 70}
(pnus mut.inzg V. 7. ’'M] HI'b. ZM] MZ P, I'M b.
ost ZM eras. pi} V. 9. MZ]ZMF. 12. ovppergos
P, corr m. rec. 13 doa dov/ V. KA TAP. 14 KM
avypsrpoc éors V. dv] (alt) om. b. 15, fon:] (prius) éomuw P.
17. vnd] ¢mé F.  20. tow K4P. 21. NM] MN be. 22
KAl NK? P, MNF. g — 23. ziv KM] punctis del. V.
23, MNY NMV., ‘édotivlom. V. MN|NMV. 24
dné — 26. 7] mg, m. 1 'P.
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ovuperge evriy dwugel, 3 I'M &oo viji¢ MZ usifov
dvvarer 1¢ dmo evupiroov favrf. xal ovdsrépn TEV
I'M, MZ ovuusteés fove wixer vij duxsepévy onrij i
T4 v &ga I'Z amovour) éote roiy.

To &ge amd uéeng amoroutjs devrépas maga dnriy
negafeiiduevoy mAdvog moiel amoTouny TElTNY" Gmep
e dcitar.

14

o

To and éAdecovos mage $nTnv meeafaiid-
pEvov mAdvtog mWoLEl mOTOUNY TETEQTNY.

"Eote éideowv 7 AB, ¢nry 0t § I'd, xel 16 dnod
riig AB loov mage fneyy iy I'd megafefiicd®n 1o
T'E midrog mowoty tiy I'Z* Aéym, Svu ) I'Z amorour]
éoTL TETOQTY.

"Eotw yap tvij AB mgocaguofovee 77 BH' of doa
AH, HB Odvvdue glolv aovpueroor molovear 10 uiv
evyxsiusvoy éx tav amd tov AH, HB tstpayovoy
¢nrév, ©o 8¢ dlg vmo tév AH, HB uioov. xal 16
ptv and tijg AH loov maga vy I'd magafefiliiodeo
t0 I'® miatog mowovv v I'K, v 0t amd s BH
igov 10 KA mhdrog mowovw v KM' G8lov dpo To
I'4 isov éetl roig amo rav AH, HB. xal ot T
ovyxsiusvov éx tov and vov AH, HB gnrév: gyrov
oo dotl xal vo I'A. xal mage ey iy I'A magd-
xewvar mAdvog morovy v I'M* guyra) &oa xal  I'M
xel ovpueroog v I'd pijxet. xel émel SAov o I'A
l6ov éotl toig dmo rdv AH, HB, &» 16 I'E leov dorl

1. ovppergoy P. MZ]1ZM P. 3. pixe] om. b. 4,
douv P. 5. 76) corr. ex tg m. 2 F. dmd] m. 2 F.  maea
énziy] mg.m. 2 V. 6. Swep #0a déike] om. BF Vb, comp. P.
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I'M? excedit MZ® quadrato rectae sibi commensura-
bilis. et neutra rectarum I'M, MZ rationali propositae
I' 4 longitudine commensurabilis est. itaque I'Z apo-
tome est tertia [deff. tert. 3].

Ergo quadratum mediae apotomes secundae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

C.

Quadratum minoris rectae rationali adplicatum lati-
tudinem efficit apotomen quartam.

Sit 4B minor, I'4 autem rationalis, et quadrato
AB? aequale rationali I'4 adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z apotomen quartam esse.

nam B H rectae 4B congruens sit. itaque 4 H, HB
potentia incommensurabiles sunt efficientes 4H®-{- HB?

4 B H rationale, 2 4H >< HB autem me-

—_— dium [prop. LXXVI]. et qua-
r z NK M drato AH*® aequale rectae I'4
' ! adplicetur I'® latitudinem effi-

|
4 E E@ 4

| ciens I'K, et KA =BH? latitu-
dinem efficiens K M. itaque totum
I'd—= AH® 4 HB®. et AH®-+4 HB? rationale est.
quare etiam I'4 rationale est. et ratiomali I'4 ad-
plicatum est latitudinem efficiens I'M. itaque I'M
rationalis est et rectae I'4 longitudine commensura-
bilis [prop. XX]. et quoniam totum I'4 = 4H* - HB?,

11. #docov] 4- in ras. m. 1 P. 14, Zouwv P. TETdQTY
doriv V. 15, yoo]l m. 2 F.  16. HB] supra scr. m. 1 P,

19. wpév] om. V. 21, KM] TKb. 25, zal] om. Fb,
doty V. ~
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T and vijg AB, Aowmdv &pe T0 Z A loov derl ve dig
omo tév AH, HB. rerwijodo otw 9 ZM 0fya xera
70 N onusiov, xal 7P ik rov N omorépa vav I'd,
MA megiediniog 7 NE' éndvegov age rév Z,5, NA
loov doti v6 vmd tv AH, HB. xai énel 16 dig Omo
vév 4AH, HB uéoov foti xai éorwv loov v Z A, xel
10 ZA &ga uéeov foviv. xal mage niyv v ZE
magaxsitar whdrog mowoty Ty ZM: Jqry deo otiv
) ZM xol dovpustog tf I'd uixe.. xel émel ro ubv
ovpxstucvov éx tev amd vév AH, HB §nrév ot
70 0t dig vmo v AH, HB péoov, devuuetga [&oa]
ozl v& dno tdy AH, HB v dlg vmo vov 4H, HB.
leov 0¢ [éori] ©0 I'A voig amd vev AH, HB, te 0%
dlg vmo tov AH, HB lsov 10 ZA° aecvuuergov dga
[doti] 0 I'd ©5 ZA. g 6% ©o6 I'd mgds ©0 Z U,
oftwg detly ) I'M modg tpv MZ: aevuusrgog &po
dotiv ) T'M vij] MZ winer. nel slow aupdreor gnrai
of dge I'M, MZ §nral sler dvvdust wovov ovupcrgor”
amovouy dea éotlv 7 I'Z.

Aéyo [84]], Ove xal vevdory.

"Emel yeg af AH, HB dvvdue slolv devpusrool,
aovuustgov &pe xal to dmd tig AH ©d amo tijg HB.
xel dove 16 pdv amd i AH loov v0 I'O, 1 0% dmod
tiig HB loov v K A" devpuergoy &ga fori v0 I'O 16
KAd. og 6 ©0 I'® meds 10 KA, otrag dotiv y T'K
wodg v KM" dovpueroog dox fotriv y I'K v KM
unxer.  xol émel rév dmo vov AH, HB pésov dve-
Aoyov dove v0 twd vév AH, HB, xal é6tiv l6ov- vo
udv and vig AH 16 I'O, 16 0% émo vijg HB v6 K A,

1. z¢] (alt) z@v P. 2. odv] ooy %l P. 3. vod N
onpelov V. 5. tiv] om. P. 6. t$] corr. ex ©é m. 1 B.
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quorum I'E = A B?, erit reliquum ZA4=24H><HB
[II, 7]. iam ZM in puncto N in duas partes aequales
secetur, et per IV uttique I'4, M A parallela ducatur
NE. itaque Z5 = NA = 4H > HB. et quoniam
2 AH>< HB medium est et 2 A H> HB=Z A, etiam
Z A medium est. et rectae rationali ZE adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam 4 H2 - HB®rationale est,2 4H>< HB
autem medium, 4AH® 4+ HB® et 2 AH>< HB incom-
mensurabilia sunt. uerum I'4 = A4H® - HB? et
ZA=2A4H>< HB. quare I'd, Z 4 incommensurabilia
sunt. est autem I'4:ZA=TIM:MZ [V], 1]. quare
I'M, MZ longitudine incommensurabiles sunt [prop.
XI}. et utraque rationalis est. itaque I'M, MZ ra-
tionales sunt potentia tantum commensurabiles. ergo
I'Z apotome est [prop. LXXIII].

Tam dico, eandem quartam esse. nam quoniam
A H, HB potentia incommensurabiles sunt, etiam 4 H?
et HB? incommensurabilia sunt. et I'@ = 4 HE,
K A=HB® quare I'O, K4 incommensurabilia sunt.
verum I'@: K A=TK: KM (VI 1]. itaque 'K, KM
longitudine incommensurabiles sunt [prop. XI]. et

7. éot/ PBV, comp. Fb,  10. éoz: PBV, comp. Fb. 11
doo] om, P, 13. & b.  deu] om. P.  14. zd] corr. ex
¢ m. 1 F. 15, #oz/] om. P. " ©6] in ras. m. 1 P.  Supra
I'dzg ras. est in V. ~ I'd] ZAP. ZA] T4 P, 16. meés
wiv] vj P. ZMF. dovppergos — 17. MZ] om. P. 20
87 om. FVb, m. 2 B. 22 dee] 4om: V. = HB] corr. ex
BHm 2V. 23 zéd]corr.exté m. 1 F. 26 I'K] XI" P.

27, prixst] mg. m. 2 V. 28, z6] (alt) zé PV. - 29. uév]
om. V. 5] 76 PetV, corr. m. 1. 78] z9 P.  z5] ©o P.

Supra K4 add. N m. 1 b.

Euclides, edd. Heiberg et Menge. IIL 21
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70 0% vmd tdv AH, HB 16 NA, vdv doa I'®, KA
uéoov avdiopdy dott 10 NA' Eerw dea og 10 'O
7pdg 10 NA, otrawg 10 NA ngog v0 KA. éld ag
utv 76 I'® mpog 10 N A, ovrwg éotly § I'K medg tow
5 NM, dg 0% 160 NA mgog ©0 K A, otreg éotiv § NM
npos v KM' og dga 1 'K xgég vy MN, obrag
dotlv 1§ MN mpdg v KM' 26 &ga vmd vév I'K,
KM toov dotl ©d amd vijg MN, vovréor. v¢ rerdoro
uéper tov dnl vijg ZM. émsl ovy dvo eddsion Fvicol
10 elow of I'M, MZ, xal t¢ vevdgre péost o0 amo Tijg
MZ leov mage vy I'M nmagaféfinrar éAAstmov &ida
rergayave ©l vao thv I'K, KM xel &g eovpperon
avriy Ouugel, B doa I'M vijg MZ usifov dvvarar 16
amd aevupuérgov éavry. xal éetwv 6An § I'M &vu-
15 pevgog wipxee vy éxxcwuévy fnyrfy v I'd® n dga I'Z
dmwovour €6Ti TETHQTY.
To dga amd éAdegovog xal Ta EEijg.

oe’.

To amd tijg pere $nrot péeov 7o OGlow

20 LOLOVOTG Waox ¢nrv mwagafalidusvov midrog
morel amorouny méumTYV.

"Eote 7 usre ¢nrov uéeov to 6iov mowovex v AB,
¢y 02 ) I'd, xal ©¢ amo vijg AB leov mage Ty
I'd megefspiiodo 0 I'E wxidrog mowotv tyv I'Z:

26 Aéyw, 8ve § T'Z dmovour) doti méumwry.
"Eoreo yag vi; AB mgocagudfovée v BH' af &

L vmé) corr. ex dmé V.  zav] (alt) 74 b. 3. NA]

AN F otwg — 4. NA] mg. m. 2 B. 3KA]KA F.

4. wév] om, V, §o~n’v m, 2 F. 6. ag] xal dg b, mg. V.
o

&eoe — 7. iy KM] mg. 6. zijv] (alt.) 76 . 8. NMP.
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quoniam 4 H>< HB inter 4 H? HB? medium est pro-
portionale [prop. XXI lemma], et 4H®=1®, HB*=K 4,
AH>< HB = N A, inter I'®, K 4 medium proportio-
nale est NA4. itaque I'@: NA = NA:KA uerum
IF®&:NA=TK:NM, NA:KA=NM:KM [V], 1].
itaque I'K: MN=MN:KM. quare 'K>< KM= MN?
[VI, 17] =4} ZM?* iam quoniam sunt duae rectae
inaequales I'M, MZ, et + MZ? aequale rectae I'M
adplicatum est 'K >< KM figura quadrata deficiens et
eam in partes incommensurabiles dinidit, ' M? excedit
MZ? quadrato rectae sibi incommensurabilis [prop.
XVIII]. et tota I'M rationali propositae I'd com-
mensurabilis est longitudine. itaque I'Z apotome est
quarta [deff. tert. 4].
Ergo quadratum minoris, et quae sequuntur.

CL

Quadratum rectae cum rationali totum medium
efficientis rectae rationali adplicatum latitudinem efficit
apotomen quintam. )

Sit 4B recta cum rationali totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B® aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico, I'Z
apotomen quintam esse.

nam BH rectae 4B congruens sit. itaque rectae

10. xal t(] z6 86 FV. zov] m. 2 F. 12, ©é] =g b. 14,
ovupdveov Pb et V, sed corr. = Zomw] om. V. 15, prjued]
Zoru V. 17. nal ta £Eiig] meea $nriy magafallépsvoy widrog
mowsi dmovopny tevdgrny Theon (BFVb). 22. 7] (prius)
om. V. 23 ¢nvj — 4B mg. m.1P. 5] e corr. P. 24.
I'dl aT' F. I'Z] corr. ex I'd P. 25, I'Z}) ZI" e corr. V,
AT 9.  26. yag] m. 2 F,

21 %
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AH, HB &09¢ior dvvaps &loly ao6vuucroor moiovoas
10 pdv ovpxelusvoy éx TV dn alTdY TETQAYWBVOY
uéoov, vo6 0t Olg On’ alradv ¢nrov. xal T udv dmo
vijs AH leov maga v I'd mepafefinedm o I'6,
T 0% and vijg HB loov o KA Glov &g 16 I'4
oy éotl tolg and vov AH, HB. t0 0% evyxelusvov
é tov amd tov AH, HB aua uéoov éotlv: uéoov
&po o1l 0 I'Ad. nal mage dnriy vy I'd magdxeivas
whdrog mowovv v I'M* gy doa dovly ) I'M xal
acvppsrgog v I'd. xal émel Siov vo I'd leov éotl
zoig dmo vov AH, HB, &v v6 I'E lgov éorl 16 amd
vijg AB, Aomov doa t0 ZA idov dotl td Olg vmo
vov AH, HB. rerpiedo ovv % ZM 0l xora td N,
xel 7300 Oie o N omoréee tev I'd, MA magdl-
Mjog § N5 éxdvegov dpa tav Z5, NA leov fotl
t vwo tov AH, HB. xal émel ©o Olg Yo rév AH,
HB ¢nvdv éove xal [éovv] loov 16 Z A, ¢nrov doa
dotl 10 ZA. xal maga $qryy v EZ magdxeital
whdtog mowovy Ty ZM- ¢nry doa oty ) ZM xal
ovppsrpog T I'd winer. xal émel ©o pdv I'Ad pécov
dotviv, 10 0t Z A $nrov, aevupsrgov dga éorl vo I'A
vp ZA. dg 62 vo I'd mgog ©6 ZA, ovrag §y I'M
npdg iy MZ* devuuergos doa éotiv ) I'M v MZ
pijxse. xal elow dugporeper dnvel: of doa I'M, MZ
¢nral sloc dvvduer udvov ovpuergor’ dmovoury dow
éatlv 5 T'Z.

3. pév] om. V. 5. Post &¢ ras. 2 litt. V.  HB] mat.
in 4Bm, 2 F, in ras. V. I'd] 4 in ras”m. 1 P, corr, ex
4B, 6 16 04 — 1. dno 16v] T Ot amo viig V. 7. doviy
dot{ PB, comp. FV; elyou V, supra scr. dore m. 1. 8. I'4
mut. in A'm. 1 F. 9 I'M] THeo.  {n] én- om. .

11. TE] B4 B. 18. ody] om. Vg. 14. xel — N] supra
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AH, HB potentia incommensurabiles sunt efficientes
summam quadratorum mediam, duplum autem rectan-
r 7z ~ xm 8ulum rationale [prop. LXXVII].
' | etrectae I'4 adplicetur 'O =4 H?,

’ ! | | K4=HE. itaque totum

4 E & 04 I'd = AH® 4+ HB?®
4 1 uerum A4 H? -+ HB? medium est;
itaque etiam I'4 medium est. et
rationali I/ adplicatum est latitudinem efficiens I'M.
itaque I'M rationalis est et rectae I'/ incommensu-
rabilis [prop. XXII]. et quoniam I'4 = 4 H® 4| HB?
quorum I'E = A B2 erit reliquum Z4=24H><HB
[II, 7]. iam ZM in N in duas partes aequales secetur,
et per N utrique I'd, M4 parallela ducatur N}
quare ZE5=NA=AH>HB. et quoniam 2 {H>HB
rationale est, et 24 H>< HB =Z A, Z A rationale est.
et rationali EZ adplicatum est latitudinem efficiens
ZM. itaque ZM rationalis est et rectae I'd longi-
tudine commensurabilis [prop. XX]. et quoniam I'4
medium est, Z 4 autem rationale, I'4 et Z 4 incom-
mensurabilia sunt. est autem I'd:Z A4 =TM: MZ
[VI, 1]. quare I'M, MZ longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I’'M, MZ rationales sunt potentia tantum commen-

surabiles. ergo I'Z apotome est [prop. LXXIII].

ser. m, 1 P. 17, Zouv] om. P. Z4] Z (uel ) corr.
ex NV, item lin, 18. 18, EZ] ecorr. m. 1 V. 19. ZM
(alt) ZH b. 20, dovupsreos B, supra o ras. estin V. I'a
corr. ex I'Z b; I'Z V, Z eras. 21, Zotly] dovt PBFYV,
comp. b.  23. ejp] w6 V.  dorty] dotl wal V. 24. T'M,
MZ doa V
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Aéyo 01, v xal méunry.

‘Opolwg pap dstbousv, dtt 10 vmo tév I'KM looy
dorl v amd viig NM, tovréar: t¢ reraore uégel Tov
and vijg ZM. xal émel dodpuerody dove O amd Tijg

5 AH v6 and vijg HB, loov 0t v6 ulv dmd vijg AH
g I'O, 16 0t axé tiic HB v$ KA, devuusrgov dou
o I'O v§ KA dg 0t 6 I'O mgog v K A, otreg 7
'K mpog tqv KM* acvupctgog doa 7 'K fj KM
pijxet. Emel ovv 0vo ebdeion dvicol elowr of M, MZ,

10 xal T Tevaero wips Tov amd tig ZM idov mage T
I'M moagaféfinrar éAicimov elder tevoaywve xal &ls
aevpuctoe evryy dwugel, § doa I'M tiig MZ psitov
dvvarar 16 and aovpurgov favry. xal foTiv 1 ®Yoo-
apudfovea 1 ZM ovupctoog T uxsiudvy fyri o I'd*

15 9 dpa I'Z dmorowy d6vu méumvy' Omesp Eder dstEan.

of’".
To dmd vijg pera uféov pécov o6 Siow
moLovens mape ¢NTNY wagafariousvorv midrog

. motel amorouny ExTyv.

20 “Eetem 1 psra uésov uéoov 1d 6lov morovew 3 AB,
onry 0t § I'd, xol ©é and vijg AB idov mage iy
I'd magafefifodo ©o I'E midrog mowotv T I'Z:
Aéyw, 6ve ) I'Z amovous] dotiv Exry.

"Eotw yog vij AB mpocwpudfovea %y BH' of doa

95 AH, HB dvvdper elolv aedpucrgor moiotear 16 T&
ovyxelusvov & TGV an’ avTev TETQuydvey pécov xel

1, 87l m.2F. 2 I'K,KMFV. 4 du]om Veg. 5.
AH)] (alt) A ecorr. F. 6. I'®] @ inras.m.1 P. 8. my
om. P, KM]IMPetBinras. &ex éotly Vo. KM
I’M P et in ras. B. 9. glot P, corr. m. 1. 10. ZM] MZ

™
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Jam dico, eandem quintam esse. nam similiter
demonstrabimus, esse TK>< KM= NM?=1Z M?® et
quoniam A HZ?, HB? incommensurabilia sunt, et 4H?
=I'6, HB* = KA, I'® et KA incommensurabilia
sunt. est autem I'@: KA = I'K: KM [V], 1]. quare
I'K, KM longitudine incommensurabiles sunt [prop.
XI]. iam gquoniam sunt duae rectae inaequales I'M,
MZ, et 1 ZM? aequale rectae I"'M adplicatum est
spatium figura quadrata deficiens et eam in partes
incommensurabiles diuidit, I"M? excedit MZ? quadrato
rectae sibi incommensurabilis [prop. XVIII]. et con-
gruens ZM rationali propositae I'd commensura-
bilis est.

Ergo I'Z apotome est quinta [deff. tert. 5]; quod
erat demonstrandum.

CIL

Quadratum rectae cum medio totum medium effi-
cientis rectae rationali adplicatum latitudinem efficit
apotomen sextam.

Sit 4B recta cum medio totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico,
I'Z apotomen sextam esse.

nam BH rectae 4B congruens sit. itaque A H,
HB potentia incommensurabiles sunt efficientes sum-

P, et V (?), sed corr. m. 1. 13. Eavrfj winer V. 14 ZM)]
MZ P. 16. omee #0ee deiae] om. BF Vb, In hac pag.
et sequenti multi loci euan. in F.”  21. mage] wepa énn]v Vo.
Tijv] supra scr. m, 1 V. 22 zijy] =g b. 24, aguofovow,
supra scr, weos m. 1, F, HB P. 25. Post HB ras. 6
litt. V. Supra ze scr. pév m. 1 b,
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76 dlg vmo vdov AH, HB péoov xal acvpusrgov e
and tédv AH, HB 16 dlg vmo vév AH, HB. maga-
Bspiricdm ovv maga Ty I'd 6 pdv dmo tijg AH
loov ©( I'® mharog morovv v I'K, ©¢ 8% dxo zijs

5 BH 10 KA' 0Aov dga ©o I'4 lGov o1l toly and Towv
AH, HB' uéoov dpa [dotl] xal ©0 I'd. xal magd
¢nryy vy I'd megdreaizar widrog mowovy wyy I'M-
énrn dou dotly ) I'M xol dovppergog v I'd uixee.
énel obw 16 I'd leov éorl tols émo tév AH, HB,

10 @v 70 T'E ioov v¢ dnd vijg AB, douwdy dga vo6 Z A
ooy éotl vg Olg md vév AH, HB. xal v ©o dlg
vrd vdv AH, HB péoov' xal 16 Z A dpa uécov otiv.
xol mage vy vv ZE magdxsitar whdrog moiovv
my ZM' §nri) &oo dotiy ) ZM xal aovupsteog T4

16 I'd pajxee. xal émel v dnd vdv A H, HB dovuucrod
dove v Olg vmd vév AH, HB, xai éovi voig uiv dmo
tvdv AH, HB loov ©0 I'd, v 6t dlg vmd v AH,
HB toov t6 Z A, adbpueroov &ga [éovl] ©0 I'd v6
ZA. g 8t vo I'd meds 10 Z A, otrawg éotly §f T'M

20 mwedg Ty MZ- aevupcvpos doa éotiv 7 I'M ©; MZ
pijxee. xel elow dugpdreoar dnrel. of I'M, MZ doa
¢nral elor Suvduse povov Gduusrgor: amoroun Gpu
éoriv v I'Z.

Aéyo 01, Ote el Exzy.

25  ’'Emel pag 10 Z.A igov éoti v Olg Dmd ey AH,
HB, reruijode 8iya 9 ZM xave ©0 N, xal 738w dia
700 N tjj I'd magadiniog 7§ N5 éxdregov doe tav

1. péoov] dnrov F.  xel] nel #n V, #n 84 BFb.  dovy-
petoe BFVDL.,  1d] 76 P. ~ 5. Post K4 add. wldrog morovy
oy KM mgo.‘m. 2 V. 6. fot/] om.P. 8. douiv] éori mad V.

10. loov éotl Vo. 1] 76 . 11, done] yivezar V. di
corr. ex &/ m. 2 P. 12, ozl PBV, comp. Fb. 16. tois

~
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r A N k m mam quadratorum mediam et
2 AH><HB medium et 4H®-}- HB?,
&) 2 AH >< HB incommensurabilia
| " [prop. LXXVIII]. iam rectae I'4
4 B H  adplicetur I'® = 4 H* latitu-
dinem efficiens 'K et KA == BH?® itaque totum
I'd= AH® 4+ HB® quare etiam I'4 medium est.
et rationali I'4 adplicatum est latitudinem efficiens
I'M. itaque I'M rationalis est et rectae I longi-
tudine incommensurabilis [prop. XXII]. iam quoniam
I'd==_AH?+ HB? quorum I'E = A4 B? erit reliquum
ZA=2A4AH> HB {11, 7]. et 2 4H>< HB medium
est. quare etiam Z 4 medium est. et rationali ZE
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam 4H? - HB?
2 AH >< HB incommensurabilia sunt, et
I'd= AH*+ HB* ZA =2 AH>< HB,
I'4 et Z A incommensurabilia sunt. est autem [VI, 1]
I'd:ZA=TM: MZ. quare I'M, MZ longitudine
incommensurabiles sunt [prop. XI]. et utraque ratio-
nalis est, itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXIII].
Iam dico, eandem sextam esse. nam quoniam est
ZA=2A4AH> HB, recta ZM in N in duas partes
aequales secetur, et per N rectae I'4d parallela du-

4 J.

15!

%6 V.  dmd tév] om. P. ' 17. I'4 — 18. {gov 4] om. b.

18. é6z/] om. P. 19. 7] (alt) om. P.  Z 4] corr. ex
Z4? F. 2. wp] om. P. © MZ]in ras. V.  MZ] corr.
ex ZM V., 21 dee] om. V. 22 eloiv P.  douv age B.
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Z5, NA ioov éotl v vmd vdv AH, HB. xal émel
of AH, HB dvvdue &loly dovupcrgor, devuucrov
o dorl ©0 and vijs AH ©6 and vig HB. ¢l to
ptv dnd vijg AH loov éovl ©v0 '@, tj 6% amd

5 tijs HB loov éorl 16 KA aovppstgov dga Zorl o
I'® v KA. &g 8% ©6 I'O mpog v K A, otrwg éorly
9 'K mpdg wjv KM" aovpucrgos dpo doviv § 'K
tif KM. xol émel vov and vov AH, HB uf6ov ava-
Aoydv éoti vo vwd tév AH, HB, xol éove v piv amd

10 7fi¢ AH loov t6 I'®, ©¢ 0% and viig HB l6ov 76 K 4,
76 0t tmd vév AH, HB idov v0 N, xol vév doa
I'e, KA péoov avdloydy éote v&6 NA* &erv &oo ag
70 I'® mpdg 160 N A, otrwg tdo NA medg ©0 KA. xel
0w va avra 1 I'M vijg MZ ueifov Ovvaror 6 dmo

15 dovuuérgov favryj. xal ovderdpn avrdy EVuusTEog
dore 1] énnspévy énrfi ) I'd” 3 I'Z dga dmovour]
dotiy Exty Omep #0e Oeibau.

ev'.
‘H vfj amotouf] uixs. GUpuergog damorouy

20 dove xal vf) vafer 3 avry].
"E6ve amotouy 1 AB, xal v AB wijxs cbpucreog

¢

ot 7 I'd Ayw, 6v nal 1 I'd amorowy dote xol
i} takee N advy vy AB.
"Emel pog dmotour) éetiv 9 AB, é6tw alrfj mgos-

2. slo‘l ovupeTgoL b. 4. 70 dmo Tijg re P 5. o01/]
om. V. 6. zg] cor. exwém 2P. 8 dmé zdv] om. P;
mzo ‘mw supra scr. ¢ m. 1 b; dwd taw ins. m. 2 F. 11, 0
0t omé — NA] mg.m.2V. 16]% V. AH] Hecor. V.

loov dotl P. 12 NA] N b. 18. N A] (prius) 4, supra
add. N m. 2, F. 14. 7¢ avrd] corr. ex Tovza V MZ)]
corr. ex ZM V. 15 dovppéreov| corr, ex cvppérgov m. 2 B.

N
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catur N5, itaque Z5= NA=AH>HB. et quoniam
AH, HB potentia incommensurabiles sunt, 4H?® et
HB? incommensurabilia sunt. est autem I'® = 4 H?,
KA=HB: quare I'8, K4 incommensurabilia sunt.
est autem I'@: KA =TK:KM [V], 1]. itaque I'K,
KM incommensurabiles sunt [prop. XI]. et quoniam
AH>< HB medium est proportionale inter 4H? et
HB? [prop. XXI lemmas], et '@ = AH* KA=HE,
NA = AH><HB, etiam N4 medium est proportionale
inter I'O, K 4. itaque I'O: NAd = NA:K 4. et eadem
de causa [cfr. p. 326, 9 sq.] I'M? excedit MZ? qua-
drato rectae sibi incommensurabilis [prop. XVIII]. et
neutra earum rationali propositae I'4 commensura-
bilis est.

Ergo I'Z apotome est sexta [deff. tert. 6]; quod
erat demonstrandum.!)

CIIL

Recta apotomae longitudine commensurabilis apo-
tome est et ordine eadem.

Sit 4B apotome, et rectae 4B longitudine com-
mensurabilis sit I'4. dico, I'4 quoque apotomen esse
et ordine eandem ac AB.

nam quoniam 4B apotome est, BE ei congruens

—r
i ¢
b

1) In B figura haec est deinde in mg.

adiicitur uera addito #» dile.

16. I'd] 4 in ras. m. 1 F,  17. 3meq #ds deikon] comp. P,
om, BFVb. 21. gdpusroog Form pixet BFb, 728, ] m.
2 P. 24. meooapuéfovee Eore avry V. vty 1 Fb.
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opucfoven 7 BE* af AE, EB doa {nral slor dvvaus
uovoy evupergor. xal v vijg AB medg iy I'd Adye
0 adrdg peyovérw 6 viig BE mog tiv AZ° xal @3
¥v aoa moog &, mavra [dotl] meds mdvra' Foviv aow
xel &g 84n 7 AE modg SAnyv v I'Z, otrwg % AB
meog v I'd, ovppergog 0t % AB vij I'd prxee-
ovuuctpog dga xul ) AE utv vij I'Z, 5 8¢ BE vjj
AZ. el of AE, EB ¢qral slor dvvdust uévov 6vu-
usroor: xal of I'Z, Z A4 épa fnral sler Svvdus pévoy
ovppuergor [amoroun dga fotlv 7 I'4.

Aéyw 01, ome xal v vikse 7 adry v AB).

‘Enel odv éotiv dg ) AE meds v I'Z, otrmg 3
BE nodg v AZ, éveihak dga otlv og 7 AE meog
vy EB, otrawg §§ I'Z ngdg iy Z4d. #vou Oy 7 AE
viis EB upcifov Ovverar te damd ovuuérgov Sevif 7
76 dwo agvpudroov. & udv ovv § AE vijgc EB psttov
dvvaren v6 amd ovuppdrgov Savtf, xal § I'Z viig Zd
petbov Ovvioerar Te amo evupfrgov fevrf. xal &
udv ovpuereog otwv § AE v bexepévy dnry pijxe,
nal ) I'Z, ¢£ 6% % BE, xal 7 A4Z, & 0% ovdsrépn
vév AE, EB, nal o0vderépa tav I'Z, Zd. & 6% q
AE [t EB] peifov 0dvarer vg dmd aevppérgov
éavesj, xel ) I'Z vijg Z A4 ucifov dvvieerar 16 and
aovpuérgov Savrf. xal e utv evuusreds ot § AE
vij dxnespévy Gnry) wixew, xel ) I'Z, & 0% 5 BE, xal

1. 9y BE] avsj 5 EB 9. AE] om.g, 4 B. 3. ] (prius)
om. 9. dZ] Z4B. 4, t?o't(] om. P.  Zouwr &oc] om.
Vo. 5. 6in deax V. 7. &ou] dea fori Vo (del. V). ~ xai]
om. ¢p. piv AE Vg (post AE hab, uév F). BE 8¢ BFb.

;] supra scr. V m. 1, 8. 4Z] Z4 BF. = xal of] xal
sloww of V, af 8¢ B. slo 10. a@moropr} — 11.

AB] om. P. 12. ovv] yaq l‘heon (BFVb) 4E] corr. ex
EAV. 18. t7»] om. B, m. 2 F, Z4F. doer) om. V.
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sit. itaque AE, EB rationales sunt potentia tantum

4 B E Ccommensurabiles [prop. LXXIII].
[T/  flat BE:dZ=AB:T'd [V], 12].
r 4 Z quare etiam ut unum ad unum,

ita omnia ad omnia [V, 12]. itaque AE: I'Z = 4B:I'4.
uerum 4B, I'4 longitudine commensurabiles sunt,
itaque etiam AE, I'Z et BE, 4Z commensurabiles
sunt [prop. XI]. uerum A4 E, EB rationales sunt po-
tentia tantum commensurabiles. itaque etiam I'Z,
Z 4 rationales sunt potentia tantum commensurabiles
[prop. XIII).

Jam quoniam est 4 E:I'Z=BE: 4Z, permutando
[V,16) est AE:EB=TIZ:Z4. AE? igitur EB? ex-
cedit quadrato rectae aut sibi commensurabilis aut
incommensurabilis. iam si 4 E? éxcedit EB® quadrato
rectae sibi commensurabilis, etiam I'Z? excedet Z 4°
quadrato rectae sibi commensurabilis [prop. XIV]. et
siue 4E rationali propositae longitudine commensu-
rabilis est, etiam I'Z ei commensurabilis est [prop.
X1I], siue BE, etiam A4Z [id.], siue neutra rectarum
AE, EB, etiam neutra rectarum I'Z, Z A4 [prop. XIII].
sin 4E? excedit quadrato rectae sibi incommensura-
bilis, etiam I'Z® excedet Z 42 quadrato rectae sibi
incommensurabilis [prop. XIV]. et siuve 4 E rationali
propositae longitudine commensurabilis est, etiam I'Z

14. Gn] om, P, 8¢ BV. 15, 4] corr, ex tot m. 2 P. 16,
Ante &f ins. xel (M m2F el e corr. V. 17, acwp,p,étpov
B, corr, m. 2; d- supra add. m. 2 F. ] zije F. 18.
a«wyyétow B, et F, sed corr. 19. 4E] 46 e corr. .  20.
rzZ} zrF. ‘21, ovd‘etso ‘] ov®ezéea P.  22. 7ijg EB] mg. m.
1P ddvared] supra. add. noz m. 2 F, dvvjosren b.  ovp-
pérgov P, corr. m. 1. 23. tfis] corr. ex =7 V.
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N AZ, & 0} ovdstépa vév AE, EB, ovderépa taowv
Iz, z4.

‘dmotopn dgo detly 7 I'd xal tfj vake v adey zj
AB* Omeg e Oetar.

ed".

‘H tfj uéong amoropuf] 6UBuETQog uéong amo-
rour é6te xal ©f vaksr 1 avry).

"Eetew uéong amovouny 1 AB, xal t5; AB prxe
ovppergog fotm 7 I'd” Aéyw, 8 xal % I'd péeng
amotour} éove xal vy vaer 3 avry vy AB.

’Enel yap péong amovomsj éovw 7§ AB, ferw avry
moodagudfover 7 EB. «f AE, EB &pa péoar &lol
Ovvause udévov ovupstool. xal yeyovézw g 1 AB
ngog v I'd, ottwg 7 BE mpog 1oy AZ* ovuusteos
dgo [éovl] xal § AE vy I'Z, 7) 0% BE vjj 4Z. of 6}
AE, EB péear elol dvvapes pdvov evuucrgor xal al
T'Z, Z4 dga péoow elol dvvdpss povov GUUUETQOL’
uéong dga amotowy dovw 7 I'4.

Aéyw 01, 8tv nal vij vdfse doriv 17; avry ) AB.

’Ensl [ydg) éovwv ag ) AE mpdg vqv EB, otrwg
7 I'Z mgdg tv Zd [ald’ og piv § AE meog v
EB, otrwg 10 éné tijs A E meog 10 vrd vov AE, EB,

1. 098etéga] (alt.) 090t ovdevéoa BVD; 0634 m. 2 add. F, sed
euan. 8.tfj AB]Jom.F. 4.38mzo £0ss deitar] comp. Pb,om. BYV.
8. péop BFVb.,  uéon BV, et F, corr. m. 2.  dxoropiis b
(¢ supra add. F m. 2). 7. éouv P. 8. uéon BFb, et V
(6 fmit add. m. 2, sed eras.). jijxee] m. 2 B, om. FVb. 9.
Aéyew 87 V. péon B, et F supra add. 6 m. 2; in V add. ¢
m, 2, sed eras. 10. ZotT P. 11. péep B,  adrp] 71 V,
abri § Fb, 12, %) adrfj 4 V. A4E] E4 BFb. ‘eloiv B.
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ei commensurabilis est, siue BE, etiam 4Z [prop. XII],
siue neutra rectarum 4E, EB, neutra rectarum I'Z,
Z A4 [prop. XIII].

Ergo I'd apotome est [prop. LXXIII] et ordine
eadem ac A B [deff. tert. 1-—6]; quod erat demon-
strandum.

CIV.

Recta mediae apotomae commensurabilis mediae
apotome est et ordine eadem.
4 T Sit 4B mediae apotome, et rectae 4B

longitudine commensurabilis sit I'4. dico,

BI etiam I'4 mediae apotomen esse et ordine
eandem ac 4B.

nam quoniam 4B mediae apotome est,
git EB ei congruens, itaque 4E, EB mediae

"2 sunt potentia tantum commensurabiles [prop.
LXXIV—LXXYV]). et fiat [VI, 12] 4B: I'd = BE: 4Z.
itaque etiam AE, I'Z et BE, 4Z commensurabilas
sunt [V, 12; prop. XI]. uerum A4E, EB mediae sunt
potentia tantum commensurabiles. itaque etiam I'Z
Z 4 mediae sunt [prop. XXIIT] potentia tantum com-
mensurabiles [prop. XIII]. ergo I'd mediae est apo-
tome [prop. LXXIV —LXXV].

Iam dico, eam ordine quoque eandem esse ac 4 B.

E_l—d

14. otrag — AZng. m1P. §]corrrexom.2V. 15,

éot{] om. P, dotiv B.  AE] AE pév BFb, 16, xaf — 117.

cvppsrgor] mg. m. 2 B.  17. I'Z] Z e corr. V.  18. péon B.
axotopns V. 19. éyw] daxzéoy Theon (BFVDL).  d7]

corr. ex ot 6ms m. 1 F; 84V, 4¢t&v] om. Theon (BF VD).
20. yee] om. P. ottag fotlv F. 21, wjv] om. BFb.
@i’ — p. 836, 2. Z4] om. P, )
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g 0t 9 I'Z mpog iy ZAd, olrws 76 amd viig I'Z
mpds 10 tmd vév I'Z, ZA), dorwv doe xal dg td amo
tiic AE mpog ©0 vmd tdv AE, EB, ovrwg 10 dmd
viig I'Z moog v6 vwd tov I'Z, ZA [xel dvadde g
70 amd vijg AE medg ©o amd vijg I'Z, otrwg 6 vmo
v AE, EB mgdg t6 vmd tov I'Z, Z ). evuucroov
0% 0 amo g AE v¢ ano vijg I'Z: evpustoov dgu
dorl xal 0 Omd vév AE, EB ¢ vwd tav I'Z, Z 4.
slte ovv §nréy éomi vd vmd tév AE, EB, ¢nrov Eorau
xal 10 Omd tov I'Z, ZA, selre péoov [dotl] 76 vmd
16y AE, EB, péoov [éo1l] xal vo vnd vav I'Z, Z 4.

Méong &oa dmorous éovw % I'd xel ©ij rdker 7
oty v} AB' 8mep £3s detfou.

o¢’.

‘H ©fj éAdacove 6upergos éAdocay dativ.

"Eero pop éAdoowv 7 AB xal T AB 6vuusreog
n T'd: Aéyw, 0vv xal 5 I'd éAdecwv doviv.

T'eyovérw yag e adrd: xal énel of AE, EB dv-
vapuer eloly aovupergor, xal of I'Z, ZA4 &g Svvdust
sloly aevuusroor. Emel ovv fotwv wg ) AE medg Ty
EB, otrwg § I'Z mpdg v Z 4, ¥oviv dga xal dg 1o
dnd vijg AE mgog 10 amwd vijs EB, otrewg to dmd Tijg
T'Z mpds ©d anl vijg ZA. evvdévr &pa éotiv g o
énd tov AE, EB wpdg v0 amd riig EB, otrwg e
and tév I'Z, ZA mods ©6 and vig Z4 [xol vadidk]

1. I'Z} (alt.) ZI'F. 2. d¢] om. @. 4. xal — 6. Z4d]
om. P, 6. Tov] (a.lt.%‘ om. b. 9. KB] B in ras. m. 1 P,
forau] dott Theon (BFVD). 10, dov/] om. P 11, dovl]
om. P. 12. uéon BVb. 13. dmee £dse deiket] comp. P, om.
BFVDb. 16.7f] corr.inziig m. 2 F, ziigch.  élascovi] élacooy
F m. 1, #i¢deovos b, F m. 2. Deinde del. gsjuee F. ~16. yao)
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quoniam est 4E:EB=TIZ:Z4 [V, 12; V, 16], erit
etiam [prop. XXI lemma]
AE?: AE}X EB=TZ7?:TZ>< 72 4.

uerum A4 E% I'Z% commensurabilia sunt. itaque etiam
AE > EB, I'Z >< ZA4 commensurabilia sunt [V, 16;
prop. XI). siue igitur 4E>< EB rationale est, etiam
I'Z >< Z 4 rationale est [def. 4], siue 4 E>< EB me-
dium est, etiam I'Z>< Z 4 medium est [prop. XXIII
coroll.].

Ergo I'4 apotome est et ordine eadem ac 4B
[prop. LXX1V —LXXYV]; quod erat demonstrandum.

Cv.

Recta minori commensurabilis minor est.

Sit enim 4B minor et rectae 4 B commensurabilis
I'd. dico, etiam I'4 minorem esse.
A T nam fiant eadem. et quoniam A4 E, EB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, Z4 potentia incommensurabiles
sunt [prop. XIII]. jam quoniam est 4E: EB
=IZ:24 [V, 12; V, 16], erit etiam
AE?:EB*=T2%:Z 4 [V], 20 coroll.]. itaque
etiam componendo [V, 18] est
AE® 4+ EB?:EB* =TZ2%+ ZA*: Z 4%

d

—
N @

~-Z

om. Theon (BFVD). 17. I'd} (pnus) I e corr, m. 1 F.

d¢tt PBV, comp. Fb, 18. avre zois medregov V.  19.
I‘Z]Zecorr m. 15bh 20 7jy] om. Bb, 21, rnv]m 2 F.

23. Zd4) 4Z B. _ {oviv] supra ser. m. 1 V. zé] corr. ex
76 m. 1 24, tov] t7i¢ P.  ovte Bb.  25. Z 4] (prius)
supra scr. m 2 F (Z incertum est). xal évailldg] om. P.
Dem del og 70 amd mg BE neog t0 ano zijg Zd, ovres To
dnod oy AE, EB mgog vé dmd towv I'Z, 24V,

Euclides, edd. Heiberg et Menge, III. 22
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ovupergoy 0¢ éoti vo and vijs BE ©é awo vijg AZ-
evuusTgoy dpa xal TO Gvyxslusvoy . TGV AmWo ThV
AE, EB tetpaydvav T cvpxeudve & tov axd tov
I'Z, Z 4 vevpayavov. §nrov 0€ é6m 10 Gvyxsipsvov
5 éx 1dv amo vov AE, EB tsrpayovav: $nrdv dpa
éotl xal v0 ovyxslusvov éx tov dmd tov I'Z, ZA
Terpayvay. melw, émel dotiv og O amo tvig AE
mpdg 16 vmo tdv AE, EB, ovrog to axo vijg I'Z
weog 10 Vmd rdv I'Z, Z A, 6vpucroov 8t 1o ami tig
10 AE verpayavov e amd tig I'Z verpaydve, ovu-
pevgov &pa éorl xal o vxd tév AE, EB 6 vno tov
IZ, Z4. uéeov 8% ©6 vmo tév AE, EB' péeov
doa xal to vwo vév I'Z, ZA4* of 'Z, Z A4 &pe dv-
vape sloly aevpperpor morotear to wly cvyxslusvov
15 & T6Y ax’ evtav TeTpaywvay $nTdy, To 8 U avrdv
pééov.
‘Eldecav &oa éotly §) I'd* 3mep éder dsifa.
os’.
‘H ©vij pera ¢nrov pécov to GAov morovey
20 CUUupuETQOg WETC ONTOD Wédov TO GAov morolad
éativ.
"Eorw wsta $nrov uécov td Glov mosoice 1 AB
xel ) AB evuuergog v I'd" Aéyw, v xal 5 I'd
pere ¢nrov péeov O OAov moioved demuv.
25 'Eerw yap tfj AB mgodapudfovee § BE' of AE,
EB dga dvvdus &lelv dovuustoor molovear 1O uiv
ouyxelpevov éx tov and tov AE, EB zeroaydveov

1. oty P. 6] corr. ex tg m. 1 F, ex za ?) V. 4Z]
Zd4P. 3. zeroaymvov Pb et comp ins. m. 1V, 4. I'4,
dZ b, 5. dnral F, sed corr. 6. éotl] elol F. 7. 16}
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uerum BE? A4Z! commensurabilia sunt. itaque etiam
AE® -+ EB?® et I'Z® 4+ ZA*® commensurabilia sunt
[V, 16; prdp. XI]. uerum AE? -4 EB? rationale est
[prop. LXXVI]. itaque etiam I'Z® 4 Z'4® rationale
est [def. 4]. rursus quoniam est
AE*: AE< EB=TZ*:TZ>< 24

[prop. XXI lemma), et 4 E®? I'Z? commensurabilia sunt,
etiam AE>< EB, I'Z >< ZA4 commensurabilia sunt.
AE>< EB autem medium est {prop. LXXVI]. quare
etiam I'Z >< ZA4 medium est [prop. XXIII eoroll.].
itaque I'Z, Z 4 potentia incommensurabiles sunt effi-
cientes summam quadratorum rationalem, rectangulum
autem medium.

Ergo I'4 minor est [prop. LXXVI]; quod erat
demonstrandum.

CVL

Recta rectae cum rationali totum medium efficienti
commensurabilis recta est cum rationali totum medium
efficiens. :

Sit 4 B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4, dico, etiam I'd
rectam esse cum rationali totum medium efficientem.

nam BE rectae 4B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes 4E* - EB*

om, V. 9. Post Z4 add. nol dvalldE BFb.  18. doa Zotl
nol BFD. Z4)] (alt) Z in ras, m. 1 B, 17. 6mee £
deifar] comp. P, om. BFb. De additamento in V u. app.
or. 24, 19. motodoy pijnog F. 20. Ante perd add. xel
avt) BFb, m. 2 V. = notodice 16 Glov b.  22. wotobow To
8lov V.  24. 76 Blov péooy b. 25. BE] E e corr. m. 1 P,

22 %
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péoov, 0 & vn’ avrav $nrov. xal ta avra xeve-
oxsviod®. Ouolmg 01 Oslbouev volg moedrsgov, Ot ol
IT'Z, Z4 év v atrg Adye &lol valy AE, EB, xal
6VupsTedy dote 1o ovyxeluevov & tav amo tov AE,
EB 1ergayovev 16 cvyreudve éx tév and tdv I'Z,
Z A4 tevpayivev, to 6t vmd vdv AE, EB 16 ¥mo
tov I'Z, ZA* aeve xal af T'Z, ZA dvvdps eloly
aeVvupeTeos morotoar O uiv evyxelusvov éx TOYV Axd
tov I'Z, Z4 revgayiveov pééov, 10 0 vz evrdv
onrdv.

‘H I'd dga peve ¢nrov pééov 10 Olov moroved
dotiv: omep Eder detfou.

of’.

‘H tij peve péoov pé6ov tod ddov =otovonq
aémzerpog xal avTy pera pwécov ye’o‘ov 70 dAov
woLovod é6TLY.

"Eere uerd uééov péoov 1o Sdov mowovea 1 AB,
xal v AB ¥6tw elppergog § I'd' Adyw, Ove xal 4
4 pere yéoov uésov ©0 SAov moioved doviv.

"Eotw yae t5j AB mpocapudfoven 3§ BE, xal ta
avre xareoxsvaodw' of AE, EB &ga dvvdue sloly
aeVuuETQoL woLovBaL TO T Guyxsiuevor &% tdv dam’
atthy reroaydveov uidov xel T Um’ adtdv uddov
xal Eri dovuusTeov TOo Guyxelpsvoy éx TV A’ avtoy
TeTooeydveay 16 VR avtav. xel slow, og 0elydy,
af AE, EB evpusrpor taig I'Z, Z A, xal 16 ovyxei-
usvov éx tév anl tév AE, EB tergaydvev i@ ovy-

8. @] e corr. V. glotv B. 4. 70] ©o uéy Bb, pév
supra scr. m. 2 F, 61:mvl"Z-—6EB]mgm2B TV
AE, EB etiam in textu sunt a m. 1). 6. 8" Fb. 12. 3xep
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A4 -r medium, 4E >< EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
igitur atque antea [p. 336, 20 sq.] demon-
strabimus, esse I'Z:Z4 = AE:EB, et
19 AE*4-EB),I'Z34-ZA4% ac AE<XEB,I'Z><ZA4
commensurabilia esse. quare etiam I'Z, ZA4
~Z potentia incommensurabiles sunt efficientes
I'Z? 4 Z 4* mediumw, I'Z2><Z 4 autem rationale.
Ergo I'd recta est cum rationali totum medium
efficiens [prop. LXXVII]; quod erat demonstrandum.

=

[ L —

b

CvI.

Recta rectae cum medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est.

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'4. dico, etiam
I'4 rectam esse cum medio totum medium efficientem.
-4 T nam BE rectae 4B congruens sit, et
eadem comparentur. itaque 4E, EB potentia
incommensurabiles sunt efficientes summam
B quadratorum mediam et rectangulum medium
I T4 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVIII], sunt
“Z autem, ut demonstratum est [p. 334, 14 sq.),
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE®*+ EB, I'Z* + Z4® ac AE>< EB, T'Z><ZA4

E

£32 Oeifac] comp. P, om. BFb. De V u. app. nor. 25. 14.
zowécﬁq‘ pinse F. 18, #6zw] om. BFD, 21, doa] m. 2
euan. ¥, 256, qvrov F. )
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xeuéve éx rov énd ey I'Z, Zd, vo 6% vmo rav
AE, EB t¢ vwo vov I'Z, ZA4" xal af T'Z, Z A4 dox
dvvdues eloly aovuppstoor moLovoaL TO TE CUyxElNEVOY
& TV an’ cvToY TETPayRveY uidov xal TO VT avtov
5 uéeov xal it acvuustoov To Guyxsipsvov éx 1oV an’
avtev [terpaydvov] td v alrdv.
‘H I'd &pa pera péoov péoov to SAov motoved
dorww* Omep E0er Ostéan.

on .

10 A7mo ¢nrov uéoov dpatpovuévov 1 1o Aotmdv
gwelov dvvapévy pulu 8vVo aAdyear ylvsrar froL
amoroun 7 éldécmv.

'And pag ¢yrod tov BI' péoov apperiede to BA:
AMyw, Gte 4 vo Aoumdy Ovvaudvy v6 EI wia &vo

16 dAdywv plverar fvor amorouy 1 fAdecwv.

‘Exxslodo yep ¢nry 1 ZH, xal vg uiv BI i6ov
noga ty ZH mepafeflijodo dodoywviov mapadinis-
yoauuov ©o HO, v 8t 4B loov appetode vo HK-
Aoumdv &g vo ET loov éotl v AO. émel odv dyrov

20 uév éote 0 BI, uéeov 8¢ 16 BA, leov 6t ©o utv BI"
v HO, v0 02 B4 v HK, ¢nrdv udv dga éotl o
H®, yéoov 0% v0 HK. xal maga ¢nryy vy ZH
mogaxsitar dnry udv dea 1 ZO xal ovuuergog Tij

1. 76 8¢ — 2 xef] mg. m. 2 F. 3. 7] om. P. 6. -
toaydvor] om. P. 8. dmee £de1 deifoar] comp. P, om. BFb.
10. Post §nrov del. »a¢ F.  11. ylyverou BFb. 12, éldr-
toy PVD. 13. BI'] in ras. V. 14. lowwov gzoeioy BFb.
w0 EI avwxy,svn BFb. 15. 46ywy F, corr. m. 2. yi-
yveraw BFb.,  Zletrov B, 17. Post quaﬂ 168w del. 7o
HB m. 1P, ras. 4 litt. V.  18. 4B] e corr. V, B4 P. 19
Er] I'E B. 40©] 4 F. 20. pév] P rius 2 "om. b.
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commensurabilia. quare etiam I'Z, Z4 potentia in-
commensurabiles sunt efficientes summam quadratorum
mediam et rectangulum medium praetereaque summam
quadratorum rectangulo incommensurabilem.

Ergo I'd recta est cum medio totum medium ef-
ficiens [prop. LXXVIII]; quod erat demonstrandum.

CVIIL

Spatio medio a rationali ablato recta reliquo spatio
aequalis quadrata alterutra rectarum irrationalium est
aut apotome aut minor.

nam a spatio rationali BI' medium auferatur B .
dico, rectam reliquo EI' aequalem quadratam alter-
utram rectarum irrationalium esse aut apotomen aut
minorem.

ponatur enim rationalis ZH, et spatio BI" aequale
rectae ZH adplicetur rectangulum H®, spatio autem
A4 B aequale auferatur HK. itaque reliquum EI'= 48,
iam quoniam BI ra-
tionale est, B 4 autem
medium, et BI'= H@,
B4 = HK, H® ratio-
nale est, HK autem
L ~ medium, et rationali

4 g ZH adplicata sunt.
T ‘*" B "" itaque Z@® rationalis
est et rectae ZH lon-

gitudine commensura-
bilis [prop. XX}, ZK autem rationalis et rectae ZH
longitudine incommensurabilis [prop. XXII]. quare
Z®, ZK longitudine incommensurabiles sunt [prop.

4 E B

(2] K z
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"XTIII}. itaque Z®, ZK rationales sunt potentia tantum
commensurabiles. quare K® apotome est [prop.
LXXII], KZ autem ei congruens. iam ®Z? excedit
ZK? quadrato rectae aut commensurabilis aut incom-
mensurabilis.

Prius excedat quadrato commensurabilis. et tota
®Z rationali propositae ZH longitudine commensu-
rabilis est. quare K@ apotome est prima [deff. tert. 1].
recta autem spatio comprehenso recta rationali et
apotome prima aequalis quadrata apotome est [prop.
XCI). ergo recta spatio 4@, hoc est EI', aequalis
quadrata apotome est.

sin @Z? excedit ZK? quadrato rectae sibi incom-

" mensurabilis, et tota Z@ rationali propositae ZH
longitudine commensurabilis est, K® apotome est
quarta [deff. tert. 4]. recta autem spatio comprehenso
recta rationali et apotome quarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

/ CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur aut mediae apotome prima aut
recta cum rationali totum medium efficiens.

A medio enim BI' rationale auferatur B4. dieo,
rectam spatio reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut mediae apotomen
m. 2. 14. ©Z BF. 15. ZH] corr. ex ZO® m. 1 F.  dxo-
zoun éga BFD. 16. 8¢ B. 17. Post Zotdyv add. % dea to
(om, b) 46, rovticts 16 ET, dvvapévy élacsov éotly B, mg.
m. 1bh omeo £0s¢ dsikoe] comp. P, om. BFD, 19, Post
ano add. 7od b, m. 2 F.  20. ylyvovrar B. péden B. 22.

dné] corr. ex vw6 V. dmo — Bd] bis b.  28. ple] om. b.
loyoy b,
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primam aut rectam cum rationali totum medium effi-
cientem.

ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem modo [p. 342, 19 sq.] se-
quitur, Z©® rationalem esse
et rectae Z H longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
4 =T mensurabiles [prop. XIII].
ergo K® apotome est [prop.
LXXITII], ei autem congruens
ZK. iam @Z? excedit ZK® quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

iam si @Z* excedit ZK*® quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, K@ apotome est
secunda [deff. tert. 2]. Z H autem rationalis est. quare
recta spatio 48, hoc est ET, aequalis quadrata mediae
apotome est prima [prop. XCII). sin @Z? excedit ZK?
quadrato rectae incommensurabilis, et congruens ZK
rationali propositae ZH longitudine commensurabilis
est, KO apotome est quinta [deff, tert. 5]. quare recta
spatio EI”’ aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]; quod erat de-
monstrandum.

B E Y/ X &

H 4

CX.

Spatio medio a medio ablato toti incommensurabili
P
reliquae duae irrationales oriuntur aut mediae apo-
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tome secunda aut recta cum medio totum medium
efficiens.

Auferatur enim ut in figuris iam propositis [p. 347]
a medio BI" spatium medium B4 toti incommensu-
rabile. dico, rectam spatio EI" aequalem quadratam
alterutram esse rectarum irrationalium aut mediae
apotomen secundam aut rectam cum medio totum
medium efficientem.

nam quoniam utrumque BI'y, B4 medium est, et
BI'y B4 incommensurabilia®), similiter concludemus
[p. 342, 19 sq.], utramque Z®, ZK rationalem esse
et rectae ZH longitudine incommensurabilem [prop.
XXII]. et quoniam BI, B4, hoc est H®, HK, in-
commensurabilia sunt, etiam @®Z, ZK incommensura-
biles sunt [VI, 1; prop. XI]. itaque Z®, ZK ratio-
nales sunt potentia tantum commensurabiles. ergo
K@ apotome est [prop. LXXIII].

iam si Z@® excedit ZK*® quadrato rectae sibi com-
mensurabilis, et neutra rectarum Z®, ZK rationali

z Kk e Dbropositae ZH longitudine

: commensurabilis est, K@ apo-
B E tome est tertia [deff. tert. 3].
’ uerum KA rationalis est,
rectangulum autem recta ra-
tionali et apotome tertia
comprehensum irrationale est,
et recta ei aequalis quadrata
irrationalis est, uocatur autem mediae apotome se-

1) Cum uerba xal dodupszgoy 76 BI' 76 Bd lin. 9—10
nihil faciant ad demonstrandum id, quod sequitur, non immerito
ab Augusto omitfuntur. Gregorius omisit forer lin. 10 —
B4 lin. 12.

L 4

A 4 I'H 4
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cunda [prop. XCIII]. ergo recta spatio 4@, hoc est
ET, aequalis quadrata mediae apotome est secunda.

sin Z@® excedit ZK? quadrato rectae sibi incom-
mensurabilis, et neutra rectarum ®Z, ZK rectae ZH
commensurabilis est longitudine, K@ sexta est apotome
[deff. tert. 6]. recta autem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cum medio totum medium efficiens [prop. XCVI].
ergo recta spatio 4@, hoc est ET, aequalis quadrata
recta est cum medio totum medium efficiens; quod erat
demonstrandum.

CXI.

Apotome eadem non est ac recta ex duobus no-
minibus.

Sit 4B apotome, dico, 4B eandem non esse ac
rectam ex duobus nominibus.

nam, si fieri potest, sit. et ponatur rationalis 4I"
et quadrato 4B? aequale rectae I'd adplicetur rect-
angulum I'E latitudinem efficiens 4 E. -quoniam igitur
A g 4B apotome est, 4E apotome

HE est prima [prop. XCVII]. sit

4 | 'Z EZ ei congruens, itaque AZ,
ZE rationales sunt potentia
tantum commensurabiles, et 4272
excedit Z E? quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 41" longitudine com-
mensurabilis est [deff. tert. 1].
r rursus quoniam A B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina dinidatur, et 4 H maius
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nomen sit. itaque 'AH, HE rationales sunt potentia
tantum commensurabiles, et 4 H?® excedit HE? qua-
drato rectae sibi commensurabilis, et maius nomen
A4 H rationali propositae 4I" longitudine commensu-
rabile est [deff. alt. 1). itaque etiam AZ rectae 4 H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqgua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. uweram 4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon-
gitudine incommensurabiles sunt [prop. XIII]. itaque
HZ, ZE rationales sunt potentia tantum commensu-
rabiles. EH igitur apotome est [prop. LXXIII]. uerum
eadem rationalis est; quod fieri non potest.

Ergo apotome eadem non est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali adplicatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem [prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIII], quadratum autem

PV. 11. EZ] mut. in ZE V. éoa dotl] 84 in ras. 4

litt. @. 12. éotiv P.  Post wijxer add. xal elor $nral mg.

m. 2 B.  13. elae] om, PV. 14, EH] corr. ex HE V, HE

P,EN 9. 15. 7] (alt.) om. b.  16. onso &3z d‘sLEm comp.

P, om. BFb. 17. napmlm%‘om P, giy’ BVD, g’ F. 21,
] b, 22. ¢mé] om. F.

Euclides, edd. Heiherg et Menge. III. 23
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axodovdwg Exacry T take T xed’ adriv, af Ok
pere v éx 0vo dvomdrav tag éx 0vo dvoudrev xal
20 avral tfj vaker dxodovdwmg, Freour doa &loly of pera
Y amovouny xel Ersear al uste T éx 0vo dvoudrov,
o3 elven tfj rafer wdoeg dAdyovg iy,
Méony,
‘Ex Yo Svopdrav,
95  Ex 0vo uéoov mparny,
'Ex dvo péowv deurépav,
Meifove,
‘Pnrov xal uéeov Svvaudvyy,

1. 76 0¢ — 8. d‘evtsan] mg. m. 1 V. 5. édrroves Bb,
comp. F. 9. perd] om 11. od»] corr, ex od m. 1 P.
12, moditov] (privs) in ras. V. 18. émel] 8u B, 17.
noguforlonsva ¥, corr, m, 2. _af] om. P, supra ser. m. 1 V,

-
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mediae apotomes secundae rationali adplicatum lati-
tudinem efficit apotomen tertiam [prop. XCIX], qua-
dratum autem minoris rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medium efficientis rationali
adplicatum latitudinem efficit apotomen quintam [prop.
- CI], quadratum autem rectae cum medio totum medium
efficientis rationali adplicatum latitudinem efficit apo-
tomen sextam [prop. CII]. iam quoniam latitudines,
quas diximus, et a prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine eaedem
non sunt, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstranimus, apotomen eandem
non esse ac rectam ex duobus nominibas [prop. CXTI),
et rationali adplicatae rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum suum
quaeque ordinem, irrationales autem rectam ex duobus
nominibus sequentes rectas ex duobus nominibus et
ipsae secundum suum quaeque ordinem, aliae sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibus sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media.

2. Recta ex duobus nominibus.

3. Ex duabus mediis prima.

4. Ex duabus mediis secunda.

5. Maior.

6. Recta spatio rationali et medio aequalis quadrata.

uév B, of pév b, pév supra add. m. 2 F. 19. tag éx ddo
ovopdrov] om. V.  20. avrag b.  slow doe V.. 21 of]
om, F.  pero] nera P.

23 %
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dvo péoa dvvausvnyy,
‘Amorourv,
Méeng amorouny moewTyy,
Méeong amorouny dsvréoav,
5 Eldoeove, :
Mere ¢nrov péoov 1o GAov moiovoay,
Mera péeov péoov 1o GAov moroveay.

lo:B".
To amd fqrijg mwape Thv éx 0vo dvoucrev

10 napafaiiépcvoy midrog moiel dmorounv, NG
te dvdpare 6VuusTod 6T TOlg Tijg éx dV0 Ovo-
udrov dvéueds xal ¥vi v 16 avtd Adye, xal
vy ) yvouévy amozoun v aviny ffer vdfuw
©f] éx 8vo dvoudrw.

15 "Eotw ¢nry pdv 1 A, éx 0vo dvoudreov 6t 1 BT,
e peitov dvoue éotw 7 AT, xal v6 dmd tijs A ivov
fotw to vmo vov BI, EZ° Adyw, 6t 1+ EZ dmotows]
dovy, 1g o Svduare evpperod dote vois I'd, AB,
xal v t@ avr@ Ay, xal dru 9 EZ viy aevvgy EEe

20 teéw tfj BI.

"Eorw yop mehw T Gxo tig A iGov 16 vmd THY
Bd, H. énsl odv ©6 vmd vév BI, EZ idov éotl 76
vmd tov Bd, H, éovw &pa g 7' I'B moog iy B A,

De his 18 irrationalibus cfr. Martianus Capella VI, 720.

6. Ziarrove BFb. 8. ef]om. b, g’ F, 6" BV. 11,
té doue F. 12, évépaav PBF. 15, 6% dvopdror V.  16.
4AT) Td F. 17. BI') 'BF. 18. éou] douv P. I'dA) T
e corr. V. 4B] 4 supra scr. m. 2 V. 19. rdfwy FEa V.

£Eet] &yee BFD, in B supra scr. § m. 2. 22. Bd] 4 e
cor. V, 4B F. 6] ¢ PV. <¢] mut.in 76 m.1 P, 7z V.
23. Post zév ras. 1 litt. P. I'B] BT'F.
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome.

9. Mediae apotome prima.

10. Mediae apotome secunda.

11. Minor.

12. Recta cum rationali totum medium efficiens.
13. Recta cum medio totum medium efficiens.

CXILY)

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum latitudinem efficit apotomen, cuius
nomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeterea apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

Sit A rationalis, BI" autem ex duobus nominibus,
cuius maius nomen sit 4I', et sit BI'><X EZ = A%
dico, EZ apotomen esse, cuius nomina rectis I'4, 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.

nam rursus sit B4 >< H= 4% iam quoniam est
BI'>XEZ=BA4><H, erit 'B:B4d=H:EZ [V], 16].

A

Bt } \r H;

K t ¢ 16 .
unerum I'B>Bd. itaque etiam H>EZ [V, 16; V, 14].

1) Dubito, an haec pro(i)ositio et sequentes Euclidis non
sint. sed de hac re alibt uiderimus,



358 ZITOIXEIRN /.

ottwg 7 H meog v EZ. psitov 0t 9y I'B tijg BA-
ueltov doo éoti xal 7 H tijs EZ. (orw tf) H ioy
% E® &otw &pa @og 7 I'B meds tv BA, otrag 7
OFE meds vy EZ* diehdvre doa éotiv dg 5 I'd medg
5 v Bd, obrag ) OZ meds v ZE. , peyovéreo og
9 OZ medg vqv ZE, ovrwg 1 ZK meog vy KE* xel
0An doa ® OK moog Sinv iy KZ éovwv, og ) ZK
ngog KE' ag pao &v tédv yyovuévov meds &v tdv
imoufvav, ottwg GmavTE TE TYOUNEVE WEOS AnavTe
10 & émdueve. dg 0 ) ZK medg KE, otrwg éotlyv 7
4 7gog vy AB-* xel dg doo 1 OK ngog KZ, otrws 5
I'd mgdg v AB. ovpuctoov 0% ©o émo tijs I'd 6
and tijg 4B avpucrgov doo éotl xal vo dmo tig OK
vé dnd tis KZ. xal dotww @g to and tijg OK moog
15 70 dmo i KZ, ovtwg 7 OK mgog vy KE, énel of
rpelg of OK, KZ, KE avddopdv elow. evuusroog
doa 1 OK vfj KE wixe &ore xel 77 OF 5] EK
evuucreds fote wixer. xel émel to amd Tig A ldov
otl v¢ vmo 1év E@, Bd, $qrov 0¢ dote 1o dmo Tijg
20 A, ¢yrov doa éotl wal 16 Um0 vdv EO, BA. xel
megs Oty Ty Bd magdnsras vy dea dotlv
E® xal ovppergog tfj BA wixe dore xal 5 odu-
uszgog avnfi 1 EK ¢qui} dove xal ovuusrgos tij BA
wixss. énsl ovw denwv g §) I'd meog AB, ofrwg 7
26 ZK modg KE, af 8t I'd, AB Odvvauer udvov &lol

1. peltoy — 2. fotw] in ras. V. 1. 'B] BI''P. 2.
doz¢] om. V. 8, I'B] BI' PV. 4 wjv] om. Bb. = 5. mij»]
om. Bb, AB FVb, tnv%‘ om. BFb, 'ys'yovstm — 6.
ZE] om. b, 6. Tijy] om. B ZK] K2 B. 7] om.
BFb. 7. meég] bis g. 8. 1:1)11 KE FV. ag 'yaq] om. P,
supra scr. V.  zdv] om. P. fiyovuevoy P.  10. tyw KE A

11. 4B] B4 F. vy KZ BFb, 12, 4B] e corr. V,
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sit E@=H. itaque I'B:BA4=@E:EZ. quare diri-
mendo [V,17] I'4:BA4=OZ: ZE. fiat ®Z:ZE=ZK:KE.
quare etiam @K:KZ = ZK: KE; nam ut unum prae-
cedentium ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est autem ZK:KE =
'd:4B. quare etiam @K:KZ = I'4:4B. uerum
ra*, 4B* commensurabilia sunt [prop. XXXVI].
itaque etiam @K?* KZ! commensurabilia sunt [VI, 20
coroll.; prop. XI]. est autem @K?:KZ®!= 6OK:KE,
quoniam tres rectae @K, KZ, KE proportionales sunt
[V def. 9]. itaque @K, KE longitudine commensura-
biles sunt [prop. XI]. quare etiam @E, EK longi-
tudine commensurabiles sunt [prop. XV]. et quoniam
A* = E®>< B4, et A*® rationale est, etiam E®><B A
rationale est. et rationali B4 adplicatum est. itaque
E @ rationalis est et rectae B4 longitudine commen-
surabilis [prop. XX]. quare etiam EKX, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B4
longitudine commensurabilis [prop. XII]. iam quoniam
est T4: AB=ZK:KE, et I'd, 4B potentia tantum
commensurabiles sunt, etiam' Z K, K E potentia tantum

B4 F. 13. OK] I'dg. 14 KZ)ZK inras V. 15
Post X7 add. é8slydn yae og 1 T'd meos 4B, ovteg 7 ZK
ngog KO, ulla el og 5 I'd ueoc 4B, ovteg 11 OK mgog
KE. zpeis oty svlﬂ‘ual slow owaloyov nomtﬂ p,k‘v 7 0K, dev-
tepa d% n KZ zoitn ) KE. é'atw ovv g to omo s newTYg
ngoc 10 dwo Tilg Jevrégas :ldog, ovtmc 7 mediTy meds y-Teleny,
tovtioTiy ag 10 amo ©K medg 1o cmo KZ b. Ti»] om. b,
16. elot BVD, comp. F. 17, &oa éativ BFD. OK] K
e corr. V. Post uijner add. xal dieddvri b, m. 2 F.  dore]
-te e corr. V. EK] E@ b. 19. E6] OE V. dorv L.
20. fotiv L. 4B LBFb, e corr. V. ~ 21. 4B BF. 22
Post Gore ras. 1 litt. V.  28. domw L. 4B F. 24 ag
om. L, supra scr. m. 2 B. 25. ZK] corr. ex ZH m. 2
3] m.2F. - I'd]l 4T F. sloty L.
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obupuergor, xal of ZK, KE Svvaus udvov &lol ovp-
uergot. gmry 0€ dovwv 1 KE- (nuy doa éotl xal 7
ZK. of ZK, KE ﬁga dnrai (?vvéya ulvov glol avu-
uergor’ om:ozoy,n &oa éotiv 71 EZ.

b "Hvov 6 1) I'd tijg AB ucitov " dvvares TG dmo
ovpuéroov Savrf] 1 TG Amd dovuudroov.

El v ovv i) I'd vijg 4B ypsitov 8vverar vé ¢mwd
ovpuéroov [favrf]], xal ) ZK viig KE psifov dvvy-
oeTar v amd ovupsroov favrfl. xal &l pdv evuperedg

10 dovww 5 I'd ) éxnapévy Gyrif wixse, xal § ZK: &
0t § Bd, xel 7 KE* & 0t ovderépa vav I'd, 4B,
xel ovdsrégpa tov ZK, KE.

Et 0% 7y I'd vijg AB psifov dvverar T dxd dovyu-
pérpov éavry, xal § ZK tig KE peitov dvmjoeron

15 6 amd aevuuérgov Savry. xal & piv n I'd obu-
uer@ds o vf) bxmeudvy nrh wixer, xal 4 ZK' &
0t ) BA, xal vy KE- & 0} ovderégpa tov I'd, 4B,
xel -000erépe vév ZK, KE' ore amovour éotiv 3
ZE, 7g 70 évépare va ZK, KE eduuergd éoti toisg

20 Tijg éx 0¥o Ovoudtav dvduass voig I'd, AB xal év
T atrd Ayw, xal vy avtyy vekw e o BI™ Omee
&e Osikou.

’

oy .
Toé amd ¢nrijs waga amorouny magafaiio-
25 wevov mAdrog mousl vy éx dvo dvoudrev, 1g

1. KE &oa LBF. 2. Post KE add. nal avppsrpoc T Bd
pijxee LBFb.  dorww doa V.  éoriv LPB. . ZK] (prius)
KZ BFb (de L non liquet). Deinde add. nal cvpp,s:oog 23]
I'd pnxss LBFD. mral slow L, éyrel elow BFb. elol)
om. LBFb. 4. EZ] ZE in ras. V. 6. @) supra scr. m. -
rec. V wppsrgov V, sed corr. 8. dovppéreov L, et V,
sed ¢- eras. éavrj] om. P, ZK] KZ B, 11. Bd] mut -
in 4BV, 4B D, ovﬂsxéea P. 12. #af — 13. 4B] mg.
m. 2 F. 12, ovdezéon P KEJEinras. m. 1 P, 13.

~—— ’



ELEMENTORUM LIBER X. 361

commensurabiles sunt [prop. XI]. uerum K E rationalis
est; itaque etinm Z K rationalis est. itaque ZK, KE
rationales sunt potentia tantum-commensurabiles. ergo
EZ apotome est [prop. LXXIII].

Iam I'd® excedit 4B% quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

si igitur I'4? excedit 4B? quadrato rectae com-
mensurabilis, etiam Z K? excedit K E* quadrato rectae
sibi commensurabilis [prop. XIV]. et siuve I'4 rationali
propositae longitudine commensurabilis est, etiam ZK
el commensurabilis est [prop. XI, XII], siue B4,
etiam KE [prop. XII], siue neutra rectarum I'd, 4B,
neutra rectarum ZK, KE. sin I'4* excedit 4B? qua-
drato rectae sibi incommensurabilis, etiam Z K? ex-
cedit KE? quadrato rectae sibi incommensurabilis
{prop. XIV]. et siue I'4 rationali propositae longi-
tudine commensurabilis est, etiam ZK ei commensu-
rabilis est, siue B4, etiam KE, siue neutra rectarum
I'd, 4 B, neutra rectarum ZK, KE. ergo ZE apotome
est, cuius nomina Z K, K E nominibus I'4, 4B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI' [deff.
alt. et tert.]; quod erat demonstrandum.

CXIIL
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

4B] B4? L. 14. xef — 15. fqvryj] om. P, mg. m. 2 V.

16. ouvy L. Ante ZK eras. H V. "17. 098szdpa V.  18.
ov@stéoe PV (non F).  dore] -s in ras. V. 19. z¢] (alt.)
om. P,m 2V. douw L. 20 &x] dx zév V.  évopacwy
LPBF. 21, #e tofiw LBFb. BI') BB P, 23. ey] .
PL, osp” F, @d’ b, ete’ BV, 24. maga] aga L.
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T dvépara cvupered €6ti volg THg amoToudg

ovéuacs xal v 16 adre Adye, Eti 0% 7 pivo-
ys'vn éx 0vo dvopdrov TRV avrfv vafuw Eyec
Tf dxmoToug.

"Eotw ¢yra) pudv 7 A, om'o'rolm ot 9 Bd xel TG
and tijg A leov &tw td vnd rov Bd, KO, dere vo
and tijg A ¢nrijg mage Ty BA dmorouny mogafel-
Aduevov midrog mousl Ty K@ idyw, 8t éx Vo dvo-

_pdrov dotlv 4 KO, 5g va dvduara ovpucted deore

10

15

20

25

rolg viig BA ovouaor xei dv 16 avtd Adywm, xal e
) KO i adriy &ga takw 1] BA.

"Eotw yag tij BA mpoeagudtovea y 4TI af BI,
I'a éoo ¢nral elow dvvaue povov ovuperoor. xal T
and vig A loov éote xal vo Umé tav BI, H. {$nrov
0% 70 amo tijg A' dqrov dea xal To vwé tév BI, H.
xai moge dnrny v BT mapaféfinrar: $nry doa éotly
% H xel ovpusroog vij BI' wijxsi. émel ovv 1o Omo
rov BT, H leov éotl ©6 vmo tvév BA, KO, avdloyov
doa éotlv wg ) I'B meog B, ovrmg ) KO meog H.
ueltov 0t 7 BI' g BA- uelfov doo xel 7 KO vijg H.
xeiodw tf). H log n KE* oduuctpog doe éotiv 5} KE
vf; BI' wijxer. wol émel devwv &g % I'B mpds B,
otrwg 7 OK meog KE, avactoépavr. doa dotlyv og 7
BI" moog tqw I'4d, otrwg % -K@® mpig OF. yeyovérw
g 7 KO mpog OF, ovrwg 1 OZ moog ZE* xal Aovmn)

1. domy L. 2. évopaaty PLBF.  yiyvouéwn LBb, ys-
vopévn PVe. 3. #ze] supra add. £ m. 2 B. 6. 4] 4B b.
d@ote] -& in ras. V 7. B4] 4B 8. moweiv LFDb, e
corr. m. 1 B. 6] 67 xal PV gru] douv L. 10. 6v6-
peswy PLBF. #n] 6 LBFD, 11 g6et LB. 13. #loww L.
14. xa/] om. LBFVb. 15. H] m. 2 F. 18. éotty PV,
om. LBFb. 19. I'B] BI" PV. 20. zijg] (prius) medg b.
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nomina nominibus apotomes commensurabilia sunt et
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.

Sit A4 rationalis, B4 autem apo-
tome, et sit B4 >< K@ = 4%, ita ut
quadratum rectae rationalis 4 apotomae
114 H B A4 adplicatum latitudinem efficiat K@.
dico, K® ex duobus nominibus esse,

_ - 2K -

“z ! cuius nomina nominibus rectae BA
commensurabilia sint et in eadem pro-
Lo portione, et praeterea K® eundem or-

dinem habere ac Bd. .

nam A I rectae B 4 congruens sit. itaque BI, I'd
rationales sunt potentia tantum commensurabiles [prop.
LXXIII]. sif etiam BI'>< H= 4% uerum 4 rationale
est. itaque etiam BI'>< H rationale est. et rationali
BI adplicatum est. itaque H rationalis est et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>< H = B4 > K®, erit [VI, 16]
I'B:Bd=K®: H est autem BI' > BA. itaque
etiam K® > H [V, 16; V, 14]. ponatur KE = H,
itaque KE, BI” longitudine commensurabiles sunt. et
quoniam est 'B: B4 =0K: KE, conuertendo [V, 19
coroll.] est BI':I'd=K®:0FE, iat KO®:OE=@Z:ZE,
itaque etiam KZ:Z@=KO@:@E=BI:I'4 [V, 19}
uerum BI', I'4 potentia fantum commensurabiles sunt.
itaque etiam KZ, Z® potentia tantum commensura-

&oa %0v{ BFb. 21. KE] e corr. V, EXK P, 22 wj» B4
BFb. 23 7zj» KE BFb.  2b. K@) corr. ex. KHm. 2 F,
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doa 1§ KZ mpdg ZO dorv, dg v KO moog OF, vovr-
dorwv [ig) ) BI" moog I'd. ai 0% BI', I'd dvvause
povov [elol] ovpuergor” xal of KZ, ZO dpa dvvduse
udvov &lol ovuucrpor. xel émel detiv g ) KO mpog
OE, % KZ mods ZO, ¢id’ dg % KO mpds OF, % OZ
noog ZE, xel wg doe 7 KZ moog ZO, 1) OZ mpdg
ZE' dare xal g 1 mewry meds TRv-TOlEny, 16 dm™O
T8 ugaiﬂ)g n'gbg 0 ano tﬁg dsvrépag: xal wg &oa 7
KZ mgds ZE, otweg v0 and vijg KZ meog to and vig
Zeo. Gvyy.stgov 0¢ dor 10 amd vijs KZ ra) amd 'n;g
ZO of yao KZ, ZO dvvaus sl6l evuustgor” o6vu-
uergog &oo éotl xal ) KZ tfj ZE wins' dore 7 KZ
xal vff KE evuustodg [foti] wixe. @¢nra 06 dotw 7
KE xal ovupstgog tfj BI' wijxst ¢qoy doo xal 4
KZ xal ovppergos tf) BI' pijxer. xal émel éoviv ag
7 BT medg I'd, otrws 1) KZ mpog ZO, dvailet ag
7 BI' mpog KZ, ottag 1) AT meds ZO. evuusrgog
0t 5y BT tfj KZ* oYuuergos &oo xal § ZO i I'd
pixee. af BI, I'd 8% ¢nqral eloe dvvaus pdvov 6vu-
pergor” xol of KZ, ZO &oo fyrel elow dvvdust wovov
ovuuctoor” éx dvo Svopdtwv édetiv dpa 7 KO.

Ei ptv odv 5 BT wijg I'd peifov dvwarar 16 amd
ovuuéroov foavri), xal 7 KZ tijg ZO psifov dvmjceras
TG amd ovuuéroov favryl. xal & plv GVuuergds éotiv
% BI tf} éxxeauévy nrij wixer, xol 4 Kz, & 0 7

1.Z6] ©ZFetinras. V. OE] corr.exZE V.  rovr-
éetity — 2. medg] in ras. V. 2. @g] om. P, supra scr. V.

0¢] om. BF. I'd]I'd, 4E BF. 8. elo(] om. PV. odp-
petgor — 4. sl6/] mg. m. 2 B. 3. KZ] ZK P. 5. 26]
6Z in ras. V. ®Z] in ras. m. rec. B. 6. Z©] in ras. m.
rec. B, "OZ b. oftwg 7 B. 2] 26 b 7. ZE] EZ F.

maze]J -¢ in ras. V. wg] m. 2 F. ovtwg t6 BFb. 8.
newrng) eras. F. mgés — OJsvréeus] mg. m. 2 F. 9. ZE}
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biles sunt [prop. XI]. et quoniam est K@:OE = KZ:Z6,
KG:BE=@®Z:ZE, erit etiam
KZ:Z60=0Z: ZE.

quare etiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def. 9]. itaque etiam
KZ:ZE=KZ7*:26 verum KZ3, Z®® commensu-
rabilia sunt; nam KZ, Z® potentia commensurabiles
sunt. itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, KE longi-
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI' longitudine commensura-
bilis. itaque etiam KZ rationalis est et rectae BI
longitudine commensurabilis {prop. X1I]. et quoniam
est BI':I'd = KZ:Z®, permutando [V, 16] est
BI':KZ = A4I':Z6®. uverum BI', KZ commenBura-
biles sunt. itaque etiam Z®, AI' longitudine com-
mensurabiles sunt {prop. XI]. BI, I'4 autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z® rationales sunt [def. 3] potentia tantum

commensurabiles [prop. XIII]. ergo K@ ex duobus
nominibus est [prop. XXXVI].

Jam si BI™ excedit I'4® quadrato rectae sibi com-
mensurabilis, etiam KZ? excedit Z®® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue BI" rationali
propositae longitudine commensurabilis est, etiam KZ

corr, ex Z© P,  11. ydg] dea B. 12, if] zfic Vb.  dore]
-g in ras. V, dozz nel b, 13. don] om. PV. 14, dodpu-
pergog b. 16, medg] (prius) bis b, = 17. ofrag — 18. KZ
bis F. 17. A') I'4 P. 18. Z®]inras. V, OZ P. I'd
inras, V, JT P.° 19, ai] i 06 V. 8¢] om. FV, 4E Bb.

20. xaf — 21, K@) mg. m. 1 V. 20. KZ] KO B. 21.
dvo dga BFb.  dea] om. BFb. 22 I'd] B4 PFbet B
eras. V. 23. dovppttgov F, sed corr. 24, dovppéreov P.
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I'd ovupstods dote 15 énnciusvy Onrg) pjxer, xel 7
Z®, & 0% ovderépa zov BI, I'd, ovderépa v
KZ, Z6.

Et 0t 5y BI vijg I'd peifov dvvertar t6 dmwd
aovuuérgov favrf), xal 3 KZ vig ZO usifov dvvij-
osroL TG ETO aCUUETEOV favry). xel &l uiv cvpusTeds
dovww 3 BI tf) éxxepévn nyrij wixee, xel 9 KZ, &
0t 7 I'4d, nal § ZO, &l 8% ovderépex vdv BI', I'A,
ovderéoe tov KZ, Z6.

Ex 0¥o dga bvoudtov éativ v KO, 55 ta dvduare
t¢ KZ, 2O ovuuevoe [éoti) vois vijg amoroudjs vo-
padr voig BI', I'd xal &v v6 avtd Adyp, xal & g
KO tfj BT wjv avtiy e ok’ Omep £0s Ocikeu.

gud’.

'Eav yogiov meoiéynrar ¥mod amorouls xal
7ijg éx O0vo dvoudrav, fg ta dviuara evu-
perod té 26t tols tvijs amotouds dvdpaet xal
év 1@ avrd Adyw, f) 0 yoolov dvvaudvy ¢nry
datuv. :

Ilspiegéodm pag ywmelov o vmd tov AB, I'd vmo
amotoudjs i AB xol tig éx dvo Svoudrav thg I'4d,
ng ueitov Svoua fotw 6 T'E, xal &ote ta dvduere
tijg & 0vo dvoudrev ve 'E, EA cluueroa t& Toig
tijg amotoutjs ovouast vols AZ, ZB xal év 6 avre

1. I'd] 4T B et e corr. V. 2. BI' — tdv] postea add.

m. 1P Post I'd add. »«{ b, m. 2 F. 4. dvwnrar Bb,
5. avp,ye’ngv V, sed. corr. KZ]Zecorr. V, KdP. 26}
©Z in ras. V. 6. ovpuéreov V, sed corr. 7. dorv] m.
2F 8.ZOlOZF. TIdxalb 11, odppste B.  fore]
om, P, supra scr. V, évépxay B. 13. BI'] B4 PFb.
Smee £dze dtifer] om. BFb. 14. gz’ b et e comr. F,
ets’ BV, 17. z¢] om. BFV.  ¢évdpeciv PFB. 19, done
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ei commensurabilis est [prop. XII], siue I'4 rationali
propositae longitudine commensurabilis est, etiam Z®
ei commensurabilis est [id.], siue neutra rectarum BT,
TI'4d, etiam neutra rectarum KZ, Z& [prop. XIII).
sin BI"™ excedit I'4® quadrato rectae sibi incommen-
surabilis, etiam KZ? excedit Z®® quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue BI rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, giue I'4, etiam Z@® [prop. X1I],
siue neutra rectarum BI', I'4, neutra rectarum KZ, Z@.

Ergo K® ex duobus nominibus est, cuius nomina
KZ, 26 nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K@
eundem ordinem habet ac BI" [cfr. deff. alt. et tert.];
quod erat demonstrandum.

CXIV.

) Si spatium comprehenditur apotome et recta ex
duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,

recta spatio aequalis quadrata ratio-

A B .

i — nalis est.

r E 4 Spatium enim 4B ><I'4 com-
H— prehendatur apotome 4B et recta ex
©——__ ., duobus nominibus I'd, cuius nomen

X 4 m aius sit I'E, et 'E, E4 nomina
' rectae ex duobus nominibus nominibus
apotomes 4Z, ZB et commensurabilia sint et in eadem

fp—rt

B, comp. FVb. 20, yag] corr. ex o m. 1 V. 22, #orw]
(prius) ozt BFb. 23. Ed] 4 ecorr.m. 1 b. e m 2B
24. évdpcay B,
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Adye, xal éoTw % T Uwd tov AB, I'4d 6vvayew] n H
Adyw, oTe gnr) doruy 17 H,
‘Exxeledw yao ¢nry 1 O, xal td dmo vig O leov
noge v I'd megafefiiode midvog mowovy vy K A-
b dmoroun &ea fotlv §) KA, 1g ta Svépara i6rw ta
KM, MA eduuctoa toig tijg éx 0vo ovoudrwv 6vo-
uaoe toig T'E, EA xal &v t6 avtd Adyp. dAde xal
of TE, Ed evupsrol té elar vaic AZ, ZB xal év
v avr Adye Eovw dga wg § AZ meog vy ZB,
10 ottwg 7 KM moos MA. éveddck doa éovlv dgn AZ
" meodg v KM, otrewg 9 BZ mgdg iy AM- nel Aosmn)
doa  AB medg Aomyy iy KA dovwv wg v AZ
ngog KM. odupergos 02 9 AZ 1y KM' ovuustoos
dou éotl xal 7 AB tfj KA. xal éoviv g ) AB mpodg
16 K A4, otrag 16 vmd védv I'd, AB mgog 6 vmd vév I'd,
K A4 ovppergov doa éotl xal vo Umd tév I'd, AB
16 Um0 tov I'd, KA. loov 0% 70 Umd tov I'd, K A
16 ano vijg @ ovpusrgov doa éotl 70 Umo vév I'A4,
AB 16 ano tijg ©. T 0t vmo vdv I'd, 4B loov éori TO
20 and vig H' ovppergov dpa éovl vo dmo vijg H v
and vig @. ¢nrov 0% ©o dmod g @ nrdv doa fotl
xal 1o dmo tig H' ¢y dga éoriv ) H nal dvveras
70 V7o v I'd, AB.
‘Eav dpo yoglov meoiéynrar vmd amotoudjs xel T4g
25 éx 0vo dvoudrov, 1g Ta évduare ovuueted for Toig
tijg dmovousls dvduect xal &v Te avrd Adye, 7 O
gwelov dvvauévy ¢y dotiv.
1. ] om. BFb. 1'7% e corr. V. H] H4 b, 3. @]
(prius) BO F, 4. 7ij»] (prius) m. 2 P, 6. s ] ¥
oy V. 7. dMd — 9. loyo] mg. m. 1 F. 8. zoigc b.

4Z) corr. ex AT V.  11.BZ) ZB B. _ 12. #] (prius) post
ras. 1 litt. F. 18. medg — AZ] om. F, o KM BFb.

B ¥
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proportione, et sit H® = 4B >< I'd. dico, H ratio-
nalem esse.

ponatur enim rationalis @, et spatium quadrato
@? aequale rectae I'4 adplicetur latitudinem efficiens
KA. itaque KA apotome est, cuius nomina sint
KM, MA commensurabilia I'E, E4 nominibus rectae
ex duobus nominibus et in eadem proportione {prop.
XCII). uverum I'E, EA etiam rectis 4Z, ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MAd. quare permutando [V, 16]
AZ:KM=BZ: AM. itaque etiam AB:KA=AZ:KM
[V, 19]. uerum A4Z, KM commensurabiles sunt [prop.
XII]. itaque etiam 4B, KA commensurabiles sunt
[prop. XI]. est autem AB:KA=I'A>< AB:I'd>< KA
[VI, 1]. itaque etiam I'd>< AB et I'4>< K A com-
mensurabilia sunt [prop. IX]. uerum I'd >< KA = @3
itaque I'd >< AB et ®* commensurabilia sunt. est
autem H®==TI/A>< AB. quare H?, ® commensura-
bilia sunt. uerum &? rationale est. itaque etiam H?
rationale est. quare H rationalis est; et spatio
I'd >< AB aequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14, dotiv B. 4AB) KM ovpyetooc &oa Zotl xal ) 4B @
(et F?). 16, tjy K4 BFb. ovtw B.  I'4] ante lacunam
21itt. F, 4T b, AB] 4B b. meos 1G] om, . 16. ©6]
m 2V, 11 tv] (prius) om. P.  18. @] OZ B, sed corr.

19. d=d] corr, ex o7 m. 2 F. Té] cOrT. ex w6 m. 1 F.
o] corr. ex rg m. 1 F.  20. zd] xai v6 BFb.  22. dneif)
corr. ex gnrév V. 26. éomuv P. 26. dvéuxory PB.  2T.

Z6rt BV, comp. Fb. Deinde add. omeg #8s deifar F.
Euclides, edd. Heiberg et Menge. III 24
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Iégropa.
Kal péyovev quiv xal dux tovrov pavegdy, ore
dvvardy dot dnrov ywelov Umd dAdywv sUdeldY mege-
gyeodor. Omeg €& detbar.

oie’.

‘Amo péeng omugo:. aloym ywovtau, xal
ovdeple 0V0euLd TGY mEOTEQOY 7 AVTY.

"Eore péon 7 A° Aéyeo, ore amo vijg A &megor
55}.0;}01, yivovrar, xal ovdeula ovdeuid Tév medTsgov
N avri).

"Exxelodeo 91)1:17 7 B, nal v Umd tév B, A icov
dorew 16 amd vig I aloyog dga ovlv 4 I 1o pie
v GAdyov xal $qrijs EAoydy doriv. xel ovdeuid TEV
mwpdTEQoY N avTh’ 1O pae ax’ oVOEuIdg THY TEOTEQOY
woage gnTny wagafuliousvoy wAdrog woiel péony. woiuy
01 ©6 vmo vy B, I' l6ov forw ©d and 7ijs 4° &Aopov
dga éotl 1o amd Tijg A. wAoyog doa foviv ) A° xel
oU0euid TOV WPdTEgov 1§ avTi’ TO pag on 0UOsuwids
TGY melregov mage Gnryy magafadidusvov widrog
nowel oy I opolwg 07 vijg Toravrns tikemg éx’ dmepov
nQofauvovons @avepov, Oti dmd tTig uéong &meipor
dloyor plvovras, xal ovdsule oDdeuid ToV meéregov
ﬁ avrr): Omeg €0 Oetfou).

L mégope] mg. PV, om. BFb. 4 omee £dst deifon]
om. BFb, 5. ete’] om, V, gis” b et corr. ex ou)‘ F, of’ B.

6. ylyvoyter B, y supra add. m. 1 P, 7. oddepla] om.
PFVhb. Post ngotagov add. dexaroidy alo'yaw m. rec. F.

9. ylyvovrew PFB.  o9depule] om. PFVDL,  10. %] éorev 4 BP.

11. Ante Bras. 1lith. B. B, 4] 4, BF. 12, foto] m.2 F.

6] (privs) =g F.  13. doz/ PB comp. FVb. 14, ané B.

16. aloyov— 17, 4 (prius)] om. FV 17. foriv P. 16— eziv]
om, P. &loyog — 18, avrri] in ras, m. 1 F. 18 ano B.
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Corollarium.
Et hinc quoque robis adparuit, fieri posse, ut
spatium rationale rectis irrationalibus comprehen-
datur. — quod erat demonstrandum.

CXV,

A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.

Sit 4 media. dico, ab 4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam
priorum.

ponatur rationalis B, et sit "= B>< 4. itaque
I irrationalis est [def. 4]; nam spatium recta irratio-

Ar— nali et rationali comprehensum
B 1 irrationale est [prop. XX]. nec
r——— eadem est atque ulla priorum;
4 neque enim ullius priorum qua-

dratum rectae rationali adplicatum latitudinem efficit
mediam. rursus sit 42 = B><TI. itaque 4% irrationale
est [prop. XX]. quare o irrationalis est [def. 4]. nec
eadem est atque ulla priorum; neque enim ullius priorum
quadratum rectae rationali adplicatum latitudinem ef-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irrationales infinitae
multitudinis oriri, et nullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. vijg ToravTng] Tols Tijs avriig 9.  21. woofeivovoor B, corr.
m.2. 22 ylyvovrer B.  o98zule] om. PRVL,  23. 8mep #8ss
deikor] om. BFb, comp. P. Seq. additamenta quaedam, u. app.
In fine libri E¥xlseldov croiyelov i P, télog tov v tév Evxleldov
oroigeloy m, 2 B, zélog 106 i tév Edulsldov orouyslov tijg
Béwvog dxddseng F, Evnleldov 1dyos T tijs Oéwvog éndoccms b.

24"
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1.
Ad libr. X prop. 1.
"AAdwg t6 o' Fewonue.

Exxelodm 0vo ueyédn tvea va AB, I xol énel
élaseoy ot 1o I, moddamAasiatopevoy é6vau mwott Tob
AB peyédovg peifov. ypeyovérm wg 16 ZM xal dig-
onodw &g [ta] loa v I, xal f6rw va MO, OH, HZ,
xel dmd tov AB agnenede psifov 7 O Twov TO
BE, xel éno tov EA peitov 4 10 fuev 0 EA, xal
rovto ael ywéedw, fwg af dv 1 ZM dungéosig loar
yévovrar tals év 1 AB duugéosoww. yepovirwoav
&g al BE, EA, A4, xal vé6 44 &aorov vév K A,
AN, N5 ferw loov, xal voiro pwéedw, éwg af dac-
péeeis ot KE leow yévovrar talg zov ZM.

Kal énel ©6o BE peitov 7 ©0 fjuued ot vov BA,
©0 BE ueifdv éove tov EA° moddd doa ueifov éoxe
tov dA4. ddda ©0 A4 lgov éerl 13 EN' ©l BE doa
usltov dori tov NE. mddw, émel 16 EA peitov 1 ©o
ot dove Tov EA, peifdv dove tov AA. dida To
44 éovw lgov 19 NA v0 Ed éGgo pelfdv éore tov

1. Post dpaigovusve p. 6, 10 habent BFVDh, mg m. 1
postea add. P.

1. 70 ¢  Szdonue] om. V, ©6 avtd BFb (mg. « B). 2.
nelodw V. 3. flartoy F. 5. zd] (prius) om. P, I'] corr.
ex 4 B. wal forw] om. FVb. = HZ] IZF. 6.7] m.
2P. 7. BE]inras. V. wel — Ed]lmg. m 2V, E4]



1.
Ad libr. X prop. 1.
Aliter primum theorema.
. Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I’< AB, multiplicata aliquando I’
maior erit magnitudine 4 B. fiat

Ad4E B .

i——+—— ——i ZM et in partes magnitudini I"

M 6 B 2 ~ aequales diuidatur, et sint M@,
e— GH, HZ, et ab 4B auferatur
K4 NZ BE maior dimidia et ab EA

maior dimidia E 4, et hoc semper deinceps fiat, donec
diuisiones rectae Z M diuisionibus rectae 4B numero
aequales sint. sint BE, Ed, 4 A4, et sit
KA = AN = NE = 44,

et hoc fiat, donec diuisiones magnitudinis K5 diui-
sionibus rectae ZM numero aequales sint.

et quoniam BE >4 BA, erit BE> EA. itaque
multo magis BE> 4A4. uerum 44 = EN. itaque
BE>NZ, rursus quoniam EA>LE A, erit EA> A4 A.
uerum JA4 = NdA. itaque Ed > NA. itaque tota

AE P, 8. de/] om. BFVb.  yyvésdw F. 9. drxigéoeat

BFVb 10, 7] corr.exto m. 2 V. - 11 yiyvécda . emc]

emg & Vo. ] om. g. 12. yévoviar Pog. tais] &g

tac P. 18. BA4] corr. ex ABm. 2 V. 14. v6] o 8¢ B,

100 Q. 4¢7:] (prius) om. F 16. tod — peitoy] om. B,
17. 10% 44 — 18. loov] 70 EA — peitov 8¢ dori 10 d4 .
18. toov. o/ Vb.  EJ] in ras. V.
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NA. Jiov dga 10 AB pcifov éore tov EA. icor
0t 16 44 vo AK. Glov &ga vo BA ucifov éom
rov EK. alde tov BA psitov ot 10 MZ® moiip
doa ©6 MZ peitov éorv vov EK. xal énel ta EN,
NA, AK ioa aiifjhows éotiv, Eori O} nal v M@, @ H,
HZ ioe aiiqioig, xel éotw igov 1o mAfjdog tay &v
v MZ v¢ niide tadv &v t¢p EK, fovw Goa og To
K A mgog 16 ZH, otrwg vo K5 meog 10 ZM. peifov
0 ©0 ZM 100 KE' peifov doa xol 16 HZ vov AK.
xal éove vo ptv ZH igov v I'y, ©o 0% KA v Ad-
vo I' dga u&ifdv fore tod A.d* Omsp & deltou.

2.
Ad libr. X prop. 6.
"Aiiwg o 5.

dvo pap ueyédn e A, B medg ¢Ainie Adyov éxéra,
ov apiduds o6 I' meos deidudy tov 4° Adym, 81 ovu-
perga dove T pepédy.

Ooar yag eiow év vy I' povades, &g tosaita ige
digonedw 10 A, xal évl adriy isov form 10 E- éorwy
doa dg 1 wovag mgog tov I' doududv, o E meodg 10 A.
éote 0 xal @g 6 I' mpdg tov 4, ©d6 A medg v B*
0i’ leov &po otly og 7 poveg mdg tov A, ©o E
meog 10 B. uevpsi 0% xal % uovag vov A° uereet
doo xal ©0 E vo B. petgsl 0 nal 10 E 10 A, émel
xel § wovag tov I 10 E dgo éxaregov taov A, B

2. Post deifou p. 22, 2 BFVb, mg. m. 1 P.

1. 4B] B4 P. 2. ©6] (prius) zé B. t4] o6 b. 8.
z6] corr. extod m. 1 F. 4. usifov dozs z60 MZ'b. 5. 4K
KAinras. V. 6. HZJZHF., 1év év v¢ MZl m.2 V.

7. v3) (alt) loov z5 PBFb. 5K] & in ras. V. 8. ©6]
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AB> F A est autem 4 4= AK. itaque tota
BA> EK. uerum MZ > BA4. itaque multo magis
MZ>ZEK. et quoniam EN = NdAd = AK, et
M® = @H = HZ, et numerus partium rectae MZ
numero partium rectae 5K aequalis est, erif
KA:ZH=K5:ZM

[V, 15]. est autem ZM > K[E. itaque etiam HZ> 4K
[V,14). et ZH=T, KA =A44d. ergo I'> Ad;
quod erat demonstrandum.

2.
Ad libr. X prop. 6.
Aliter propositio VL

Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum . dico,
magnitudines commensurabiles esse.

nam quot sunt in I" uni-
tates, in totidem partes .ae-
quales diuidatur A4, et uni
earum aequalis sit E. itaque
1:I'=E: 4 [V, 15]. uerum etiam I': 4 = 4: B.
itaque ex aequo est [V, 22] 1: 4 = E: B. unitas
autem 4 metitur, itaque etiam E magnitudinem B
metitur. uerum etiam magnitudinem 4 metitur E,
quoniam unitas numerum I" metitur. itaque E utramque
A, B metitur. ergo A4, B commensurabiles sunt, et

r———— dr—

(primum) om. F. ~ K&] corr. ex EA m.2 V. 10. 44] 4V
e corr, 12. 76] t6 eve6 F. 15 slas F. 18, tov 4 PB.
19. 70»] =0 FV, om. b. 4 9. té] vy B. B] 4F
21. 7o B B. um’]omFb dm2Fse.auﬂ;uw
corr. ex aouﬁpdc 22. petgel 04 — émel] om. P wérose
o xal ©0 A, émel xal % povag oy I'mg. m. 2 B
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uergel” va A, B aga evpueros dotey, xel doTiv adrev
xotvov uérpov o E' Omeg E0e Oeika.

3.
Ad libr. X prop. 9.
"dldwg o ¥

‘Enel pag ovpucrgds dorwv 1 A ) B, Adyov &yee,
Dy agududs meog douducy. érfvw, ov 6 I' mpdg tov
4, zal 6 I favrov uiv moddamiaoidcas vov E moielre,
6 0 I’ vov 4 moldamdacidcag tov Z moielrw, 6 OF
A fevrdy modramAaeidong tov H mowstrw. émel ovw
6 I' éevrov pdv mollamiacideag tov E msmolnxev,
tov 0% 4 moldamAaciadag tov Z memolnxev, E6Tiv dgo
og 6 [ mpog tov A, rovréeniv wg 9 A medg Tiv B,
[otrag] 6 E meds tov Z. aid’ og % A meog v B,
oUtwg 10 amo tijs A meog T0 Umd rwv A, B* Fory
doo g 0 amd g A medg T6 Vmd rav A, B, ovrag
o E mpdg tov Z. madw, dmel 6 A favedv modie-
nlaouiceg tov H memoixev, 6 0 I' tov 4 moide-
nlagidoag tOv Z memolnxev, éotw dga wg 0 I meog
Tov 4, tovréorv og 7 A meds iy B, oftwg 0 Z
mpos vov H. aAd og 5 A mds vy B, ovrws vo
tmo tdv A, B mgog to dmd tig B orw dga dg vo
o tév A, B medg td dxd vijg B, ovtwg 6 Z mpdg
ov H ¢dd’ g 10 amo vijg A meos ©o vmd tédv A, B,
ovtwg v 6 E meog tov Z* O/ ldov dge dg T dmo
i A mpog o awd tijg B, ovtwg 6 E mpdg tov H.
dov. 0 éxdregog tov E, H terpdymvog: 6 udv yag E

3. Post dotfpév p. 32, 3 BFVb, mg. m. 1 P.

1. douwv] (prius) dore BV, comp. Fb. 2, Gmeo #3ee Seifas
comp. F?, om. BVb., 3. ¢d 8] om, B. 5. I" s zov o
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communis earum mensura est E; quod erat demon-
strandum,

3.
Ad libr. X prop. 9.
Aliter propositio I1X.
Nam quoniam 4, B commensurabiles sunt, rationem

habent, quam numerus ad numerum [prop. VI]. sit
A:B=1TI:4, et I' se ipsum

A= ultiplicans  efficiat E, I autem
fw:——'_"-'—‘ numerum 4 multiplicans Z, 4

autem se ipsum multiplicans H.
;: ! ( iam quoniam est I' >< I' = E,

I'><d=2Z, evit ''d=E:Z
2 [VII, 17], hoc est E: Z = A4 : B.
H ' uerum A4:B= A4%: 4><B. itaque
A%*: 4>< B=E:Z. rursus quoniam est 4>< 4 = H,
I'<d=2, erit I': 4=2Z: H [VII, 17], hoc est
A:B=Z:H uerum 4:B=_4>B:B:. itaque
A>B:B*=27:H. erat autem A*: 4><XB=FE:Z.
itaque ex aequo [V, 22] 4*:B® = E:H. uerum uterque

zole weos oy 4 téoomon F, sed corr. m. 1. 0 8¢ I zov]
vov 8¢ BFVb,  mowefro] om. BFb. 9. nsnoz’nxs b.  10.
6v] (prius) corr. ex ¥ m. 1 V.  12. otrag] om. P.  obrag
— mv B] om. B. 20. émrw aga &g 10 vwo tov 4, B mpog
0 dno 77 B mg. b.  22. dno tijc 4 medg to] m. 2 ¥V (w03 pro
s )- B”, 4 F. Deinde del m. 2 mog 7o dmo iig B V.

23. Z] mut. in H F. Post dee add. foziv b, m. 2 F. 25,
foniy B.
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éno vov I' dorwv, 6 02 H and tov A° 16 amo vijg 4
dga mpog 10 amo tig B Adyov &qe, Ov terpoymvos
doududs meog Tergaywvov doududv. Omep E0er delfar.
"AAe 87 ééro 1O dmd vijg A meog TO amd Tijs B
Adyov, ov Terpdywvog agiduds 6 E modg tergaywovov
aguduov vov H* Aéyw, 8ve ovuuergog éotiv 1 A ©fj B.
"E6te yig vob ptv E whevea 6 I, tob 0t H 6 4,
xal 6 I’ vov 4 moddamhaoiddag 1ov Z mowsirw® of E,
Z, H &ga &g slow dvdloyov év e vob I' mods Tov
4 Apo. xal inel védv amd vov 4, B uéoov avddoydy
éot1 70 Umod 1ov A, B, tov 0t E, H 6 Z, &tiv dga
og 0 and tig A medg T6 Vwo tév A, B, ovrewg 6
E mgdg vov Z. g 0% 1d vmd wiiv A, B mpdg 16 dmo
vijs B, oftwg 6 Z medg vov H, ail’ dg 0 ano thg A
weog 10 VW tav A, B, otrwg ) A meog v B. af
A, B &ga eduucrpol sloww: Adyov yag Egovowy, Oy
agduds 6 E moog apududy tov Z, tovtéemw ov 6 I
mQog 1oV A* @g yag 6 I' medg tov A, 6 E mgog tov Z°
0 pag I' Savrdw pdv moddamdecidoag tov E memolnney,
rov 0t 4 moldamAdadidoag vov Z memolnuev: Eorv oo
wg 6 I' mpdg tov 4, 6 E mgog tov Z,

4.
Ad libr. X prop. 10,
Tij doo mgoredelan evdele vy nrij, ag’ 1g Epaucy
ta pérga Aaufdveodai, olov v A, mgodsvgnrar dv-
vaus udy evpuergog A, Tovréere gnry dvvaus uovov

4. Post 1 E p. 34, 5 PBFb; mg. m. 1 V, add. xefuevor.

3. &(Wﬂp.ég comp, corr. ex comp. weos m. 1 F. 6. Post
B add. pyjxee V, m. 2 B. 7. uév] om. b, 0] (prius) 7

corr. ex 6, supra scr. 6 F; 75 b. 10. téwv] corr. ex 76 B.
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E, H numerus quadratus est; est enim E={"%, H=4"
ergo A%: B? rationem habet, quam numerus quadratus
ad numerum quadratum; quod erat demonstrandum.

Jam uero 4?:B? rationem habeat, quam numerus
quadratus E ad numerum quadratum H. dico, 4 et B
commensurabiles esse.

sit enim I'" latus numeri E, 4 autem numeri H.
et sit I'>< 4 =2Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est £2: A>XB=A><B:B? et E:Z=7Z:H,
erit A*: A>X<B==FE:Z. est autem 4><B:B*=Z:H
et A*: A>< B= A:B. ergo 4, B commensurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
[prop. VI], hoc est I': 4. nam I': 4 =E:Z; est
enim '<I'=E, I''<d=17 [VII, 17]; quare
'id=E:2%

4.
Ad libr. X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [efr. p. 2, 10 not. crit.], uelut 4, in-
uenta est 4 potentia commensurabilis, hoc est ra-
tionalis potentia tantum commensurabilis, irrationalis

1) Hae ambages, w¢ &¢ lin. 138 — H lin. 14 et ag yde
lin, 18 — zé» Z lin. 21, a Gregorio in codd. deesse dicuntur;
in meis tamen omnibus leguntur.

11, dout] elow P.  16.¢lat V, comp. Fb.  yde] m.2F. 17,
6v] om. F. 18. Z] ecorr. m.1b. 19, Post I' ras. 1 litt. F.

memolque V. 21, ovrwg 6 E V.  Post Z add. dmeg #0s:
dsike FV.  922. mooore®eloy PV.  §nrfj] én- eras., deinde
mg. m. rec. xeluevoy. weocsvonvrer p. 34, 3 — 7 Ep. 34, 5 B
addito Omeo £0se deifou ot deleta reliqua parte propositionis.

23. ofoved BV, yo. oldv éorv 7 4 mg. Fh, neoonvenToL
BFb. 24. uév) povoy B, piv 7 F.
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ovuuergog, dhoyog 0t 7 E. aAdyovg yap xaddlov
nedel vag xal pixe xal dvvduss aovuuérgovs T $nTy.

5.
Uulgo X, 13.

Elg ©0 ' AMjppa éx tiig &lg dromov amayayng.

‘Eav 1 000 pepédn, xal ©o udv evpusroov 7 6
atnd, 1o 0t fregov aevuustov, dovuuetoe EoTor To
pEYEDY.

"Eore yag Ovo ueyédn va A, B, &dko 0% 7o I,
xel ©o utv 4 ¢ I' ovppergov éorw, ©0 62 B ¢ I
dovppcrgov. Afyw, Ove xal vo 4 T B devpperpdy
éoviy.

El yeg éove ovppergov o 4 vo B, Eove 0% xal
0 I’ ©p A, nal 70 I' &ga td B ovpucrodv domiv:
omeg ovy Uméxcirou.

6.
Ad libr. X prop. 18.

‘Prrag pap nedel Tag v buxewudvy dnry frow unxs
xal Ovvdps cvupuérgovs 1) xal Ouvvaus pdvov. &lol
0% el GAder evdeton, b prjxsr pdv aevupsrol elo T
éxxeuévy Gnrij, dvvauel |0t pdvov ovuusroor, xal ik
tovro medw Aéyovrar dnral xal ovupcreotBweds di-
Mjdag, xa® 0 Jnrel, alda evuustoor medg dAdvieg

6. Post deiker p. 38, 6 BFVDh, mg. m. 2 P. 6. Post
odpustgos p. 68, 38 PBF Vb,

1. ovppereos]) om. V, m. rec. P. :Lyap 2. Post ¢nrij
eras, om:mg P. 3. slg ©o iy’] om. FV slc — axayeyijc)
mg F, 1" in ras. B, mg. év dile ljupe; in F numerns eras.

860 ueyédn 4 F. 6 edzi] postea add. F m. 1, 5.
6 BFb 8. I'] (prius) yepue F. 11. dovpustoov F, sed
d- eras. 12. I'] (prius) corr. ex 4 V. 4] corr, ex rv.
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autem E; irrationales enim omnino uocat rectas rationali
incommensurabiles et longitudine et potentia.

5.
Uulgo X, 13.

Ad prop. XIII lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.
. sint enim 4, B duae magnitudines,
| alia autem I', et 4, I' commensurabiles
: sint, B, I" autem incommensurabiles. dico,
I—A etiam 4, B incommensurabiles esse,

nam si 4, B commensurabiles sunt, et etiam I', 4
commensurabiles sunt, etiam I, B commensurabiles
sunt [prop. XII]; quod contra hypothesin est.

.

6.
Ad libr. X prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles auf longitudine et potentia aut po-
tentia tantum. sunt autem aliae') quoque rectae,
quae rationali propositae longitudine incommensura-
biles sunt, potentia autem tantum commensurabiles;
quare rursus uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
autem inter se aut longitudine et potentia aut po-

1) Hoc quid sibi uelit, non intellego.

B] 4?2 P. acvppereov F, sed corr.  15. xaf] (alt.) om, b.
16. slov dovpueroor F.  eloww B.
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firor prjxse Oniady xal Svvduer 7 dvvduse udvov. xal
& udv pixer, Adyovvar xal avral dnral pixsr evy-
peror émaxovouévov, Oti xal dvvdps: & O dvvaps
uovoy meog aAdilag &lol ovuusrgor, Afyovrar xol
atral oftwg ¢nral dvvause udvov evpusvgor. Ove O}
af ¢nral evuustool slowv, fvrevdsv dfjdov: énel pag
¢nval elow of tff dxxepévy $nrij avppetgor, Ta 0% 16
avtd ovppsrge xal addflows éotl evupuerge, ol dou
¢nral ovpueTeol slow.
1.
Ad libr. X prop. 20.
Afjppe.

‘H dvvauévy &hoyov ywelov &ioyds éetiv.

dvvdodaw yep 7 A Fhoyov ywelov, tovréeri O
and tijg A revpdyovoy isoy éotw aloyp yoeln. Aéyw,
ote n A &hoydg doTiv.

E¢l yao Zoraw gnqryy % A, ¢yrov fevow xel to ax’
avrijs TeTgaywvoy' oUtmg pde [é6Tiv] v tolg Ggoug.
ovx éotL 8¢ &Aoyog doa éatlv w A Omep #deu Oeifu.

8.
Ad libr. X prop. 23 corollarium.

Elol 3 mdAww xal dAAar e0Belor, of wijxse pdv

7. Post fEii¢ p. 60, 13 PBFVb. 8. Post evpueroo:
p- 68,22 PV, mg. m 2 B.

1. uat] (alt.) om. b. 2. gnral] om. V. 8. & om. b.

5. ovtwg] om. BFVbh. Post evppergor del. eloiv m. 1 P,

Ot — 6. slow] mg. m. 1 P. 6. évreddev] év- in ras. m,
1P dijlov évreddey F. éme(] G b, mg. m. 1 yo. émel
yoeg a0 P’ tod o', 9. slow] elot b, elov: omee £da
deckar V. 11. ‘H] om. V, add. num. §’.  éo¢m BV, comp.
Fb.  13. loov fotw] supra ser. m. 2 V; om. BFb.  didye
1wele] corr. ex dloyoy Eatw V, &loyov Eorw B, form dloyov F.
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tentia tantum. et si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, subaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles uocantur. rationales autem commen-
surabiles esse, hinc manifestum est: quoniam enim
rationales sunt, quae rationali propositae commensu.
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XIIJ,
rectae rationales commensurabiles sunt.

1.
Ad libr. X prop. 20.

Lemma.

Recta spatio irrationali aequalis quadrata irratio-
nalis est.

nam A® spatio irrationali sit aequale. dico, A ir-
rationalem esse.
A4 —_ nam si A rationalis est, etiam 42
B I rationale erit; ita enim in definitio-
r——— nibus est [def. 4]. at non est. ergo
A irrationalis est; quod erat demonstrandum.

8.
Ad libr. X prop. 23 coroll.

Sunt autem rursus aliae!) quoque rectae, quae
1) Sc. praeter rationales, de quibus u. app. ur. 6.

15, forar] dore V.  16. domv] om. BFVb.  17. #r» B.

&eaz] m. 2 F. 7 A d6tiy BFVD, 8meq #8sL deifon
om, B. 18, gloly P. slol 8¢ — p. 886, 7. dvvaus: (prius)]
punctis del. V (cfr. p. 69 not. crit.).

Yuclides, edd. Hefberg et Menge. IIL 25
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aevpuergol elo tfj péey, Svvdus 0% puovov evpuEeTgoL,
xal Adyovrow malww uéoer dix v0 evpucrgor sivar Ov-
vause Tfj udoy xal ovuuereor meog ardfieg, wuadd
uéoor, adde evppergor mPdg aAijAag fros wixes dniady
xal Ovvdues 1 Svvduse udvov. xeal & ulv pixee, Aé-
yovrer xal atral péGal pixe, GUUUETEOL Exopévov Tov,
Ote xnal Ovvdue & 0% dvvdauer povov &lol GUpusTEOL,
Adyoviaw xal oUrwmg péear dvvduss pdvov @VuusTooL.

Ovi 6 of péoar evpucrgol elow, ovrmg deuxréov.
énel of uéoar péoy vwl evpuergol slow, Ta 0% v
avTe ovpustoe xoal arljlowg éorl ovuuerow, of dou
uéoar evuusTeol &low.

9.
Ad Iibr. X prop. 27.
Afjppe.

dvo agiBudy doddvrov v Adye Omoimoty xal
@Adov Twog Ofov moujoar g TOV agududy medg TOV
aeuduoy odrwg tovTov mPOg dAdov Tivd.

"Eotweay of dodévreg Vv aguduol of AB, I'd
Adyov ¥yovreg mpds adAfjdovg omorovoiw, cAiog O€ Tig
0 'E. & moujoar ©0 mooxsiusvoy.

‘Avayeyppapdo yag vwd tov AT, T'E napalinid-
yoauuov 0pdoywviov ©0 AE, xal vép AE leov mage
10v AB mogafefirode magaiinidyoapuov vo BZ
nAdrog mowovv v AZ. émsl ovv loov éerl ©0 AE

9. Post deifer p. 78, 13 V.

1. sloww P. 9. Gve — 12. eloew] etiam in mg. sup. m.
rec. B. 10. &lor BV, 18 ijppe] m. 2 V.
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, quatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensurabiles uocantur, cum per se sequatur, eas
potentia quoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
uocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicui mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quoque commensurabilia sunt [prop. XII],
mediae sunt commensurabiles.

9.
. Ad libr. X prop. 27.
Lemma.

Datis duobus numeris in quauis ratione et alio
quodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hic ad alium quendam.

Sint 4B, I'4 numeri dati rationem quamuis inter
se habentes, alius autem aliquis I'E. oportet efficere,
quod propositum est.

? describatur enim parallelogram-
4 B mum rectangulum JE=AI'><TIE,
T, d et spatio 4E aequale rectae 4B

adplicetur parallelogrammum BZ
E latitudinem efficiens 4Z. iam

25*
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negalinloygaupov @ BZ megalinloyecuuw, éove 0%
avre xal (Goywviov, tav 0t lowv xel (doyaviov
wagaAlnioypdpuay avninendvdacw af mAsvgal ai meol
rag loag yoviag, avaioyov &ea éotlv dg 6 AB meog
1ov I'd, otrwg 6 TE modg vov AZ- 6meo Eder Ocifau.

10.
Ad libr. X prop. 29.
Afjppea gl 1o %9,

dVo douducy dodévrov xal eidslug ddov moiijoat
og TOV aguiudy medg Tov dgLiudy, olrwg TO amd Tig
s0delag TETQUEYOVOY MPOG TO am EAANG TLwGg.

"Eetweav of dodévreg 8vo aguduol of A, B, svdein
0t n I', xal 8éov éotl moufjoar 10 moxsiusvov. me-
mouj6daw pag g 6 A mpog tov B, 5 I' evdeia moos
fidqy twa Ty A, xel lijpde vov I, 4 péoy
dvdioyov % E. émel ovv demiv dg 6 A medg Tov B,
7 I' e0@sie mgdg v 4, dAd’ &g ) I' mgog mw 4,
70 ano vijg I' medg ©0 and 1ijs E, dg dgad A medg
tov B, 10 and vijg I medg 1o dno tijs E tergaymvo.

11.
Ad libr. X prop. 31.
Afjupe elg ©6 Ao’

‘Eav @or 0vo svdelww év Adpp wwi, Sotau og 7
svdela ﬂg(‘)g v evdelav, obrwg 16 UTO TV dvo mEdS
©0 ano vig élaylevys.

"Eerwoay 61 0vo svdeio af AB, BI’ év Aoyw Tl
Aéyw, 8tv dotly dg ) AB weds vy BI', otrwg 7o

10. Post prop. XXIX p. 88,18 V. 11, Post prop. XXXI
p. 92, 24 V.

4. AB] e corr. V,
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quoniam AJE = BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangulorum
latera angulos aequales comprehendentia in contraria
proportione sunt [VI, 14], erit 4B:I'd =T'E: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX.
Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita quadratum rectae

ad quadratum alius alicuius rectae.
Sint duo numeri dati 4, B, recta

A autem I'; et oportet efficere, quod
B propositum est. fiat enim 4:B=1TI":4
r [prop. VI coroll], et rectarum I'y, o
; : ‘ media proportionalis sumatur E[VI,13].

iam quoniam est A:B =1I:4,
Iid=T?%:E? [V def 9], erit 4: B=1I": E%

11.
Ad libr. X prop. 31.
Lemma ad prop. XXXI
Si duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad qua-
dratum minimae.

Duae igitur rectae 4B, BI" in ratione aliqua sint.
dico, esse 4B: BI'= 4B >< BI': BI'*, describatur
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o oy AB, BI" mog ©d dnd tijg BI. avaysyeogdw
yap and tijg BI' revpdywvov 16 BAET, xel ovu-
wewAngwedm 16 A A magadlnidyeappov. @avegov 01,
ote dotlv wg n AB mgdg viv BI', obrwg ©0 AA
nepadinidpeauuor meds v0 BE mapaiinidygapuov.
%ol éote 10 utv AAd 16 vnd rov AB, BI' loy yag
0 BI' zjj B4 16 8t BE ©6 d=nd vijg BI™ dg dea 7
AB =mgog v BI, otrwg ©d Vwd védv AB, BI" medg
©0 ano viig BI" Gmep &0e deibou.

12,
Ad libr. X prop. 32
Afjppe glg 1o Af'.

'Eav @ toels s0dston év Adyo mwl, Eorar dg 1)
ey WPOg TV TELTYY, 0VT®S TO VWO TIg TMEWTNG Aexd
péons meds T DmO Thg uéons xal éAayiorng.

"Eetoday toels svdeiar év Adyp wwvl of AB, BT,
T4 Aéyw, v éotlv g 1) AB modg iy I'd, ovrmg
70 Um0 tdv AB, BI medg to vmo ey BI, I'd.

"Hydw yap awo rov A onusiov vij AB medg dedag
1 AE, xal xel6dw vff BI' lon % AE, xnal 0ux tov
E enuelov tfj A4 evdele magadindog 7jxdw 7 EK,
dx 0t rév B, I, 4 onuslwv tfj AE mageddnior y-
dweey of ZB, I'O, 4K. xal énsl éorwv og v AB
weog v BT, ovrws ©6 AZ magadinioypaupor mos
©0 BO maguidnAdygaupov, kg 0% ) BI' meds tiw I'd,
ottwg ©0 B@® mgos vl I'K, 8/ leov dea ag 7 AB
wog iy I'd, obrwg 10 AZ magaiinidygappov modg

12. Post prop. XXXII p. 96, 8 V, mg. m. rec. B.

. 8. Post Adins. Tm. 1 V. 4 Ad] Aeras. V. 7. 7ijg]
inras. V. BI'lI'ecorr. V. 12. 70 vnd] in ras. V.,
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enim in BI' quadratum BAJET, et
expleatur parallelogrammum A4 4.
manifestum igitur est, esse

4 E AB:BI'= A4:BE [V], 1).
et esi 44 = _AB><BI' (nam BI'=Bd), BE=BI".
itaque erit 4B:BI'= 4B > BI': BI'*; quod erat
demonstrandum.

12.
Ad libr. X prop. 32.

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI', I'4 in ratione aliqua sint.
dico, esse

AB:I'd = AB > BI': BI' <X I'4.
ducatur enim ab A puncto ad 4B perpendicularis
AE, et ponatur 4E =BT, et per E punctum rectae
A4 parallela ducatur EK, per
puncta autem B, I', 4 rectae 4E
lK parallelae ducantur ZB, I'®, 4K.
et quoniam est 4B:BI'=AZ:B6®
[VL, 1], et BI':T4=B6O:T'K [V], 1], ex aequo erit

4 B I

E z &
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v60 'K mapaldnidyeappov. xai 6t to piv AZ 10
vmd tov AB, BI" lon pae  AE ©fj BI" ©6 6t TK
76 ¥nd rov BI', I'd* len yag % BI' ©vj; I'®,

‘Edv dou tosly @ow svdelon v Adyp i, iotw
©g 1 WEWTN WPOG TV TELTYY, 0VTWE TO VWO TTjg MPWTNS
nal péeng meog ©O V™o wijs wéong xal Toirng: Omep
&0s Osita.

13.
Ad libr. X prop. 32 lemma.

"H xal 81, édv avayeayousy 70 EI dgdoyaviov
woagaAlnidygaupoy xal cvumingdcousy 10 AZ, ooy
dovor v ET t6p AZ' éndregov yag adrdv dumAdeioy
ot ot ABT vouymvov. xal éovi v udv EI ©6 vmo
tov BI, A4, ©6 6% AZ vo vmd vév BA, AT. 1o
doa vmd vy BI, Ad igov éovl v vmd v BA, AT.

14.
Ad libr. X prop. 33.
Afjpue glg o 4y’

Eav e09cla poapun tundij &g drioe, éoter ag 7
e0dela meog Ty vFeiay, oUtmg TO VWO TS OANG xeed
Tijs pellovog mwedg TO VmO Tig SAng xal v éAdrTrovog.

Evfcie pdo mig 9 AB terwijcde el dvicw xoavo
20 E' Adyw, On dg 5y AE moog v EB, otrwg o
Um0 tov BA, AE mgdg t6 ¥md tov AB, BE.

‘Avaysygegpde pag amd tig AB tergaywmvov To
AT'4B, xal dix tob E oquslov omotéeg tév AT, B

13. Inter A" et dmze p. 98, 16 PBFVh. 14. Post
prop. XXXIII p. 102, 4 V, mg. m. rec. B.

8. I'd] 4 in ras. V, 5. mgog — 7. deikeu] nal EEfs B.
8. 7] om. FV.  waf] nal furar b. 9. svumdnedcousy P,
corr. m. 2. 10. ©d] com. ex. zé V. 11. EI'] e corr. V.
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AB:T'4=AZ:T'K([V,22]. et AZ=AB><BI (nam
AE=BI"), 'K=BI'><XI'4 (nam BI'=TI6). ergo
si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-

strandum.’)
13.

Ad libr. X prop. 32 lemma.

Uel etiam quod, si rectangulum EI" descripserimus,
et AZ expleuerimus [u. fig. p. 97], erit EI' = 4Z;
nam utrumque =2 ABI" [1,41). et EI’'=BI'>< A4,
AZ = BA > AT. ergo est

BI'>}X A4 = BA4>< AI.

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
angulum totius ac minoris.

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB ==BAd>< AE: AB>< BE.
describatur enim in 4B quadratum AT'JB, et
per punctum E alterutri rectarum AI', B4 paral-

1) In B in pag. seq. figura est nostrae similis, nisi quod
litterae 4, E omissae sunt, et pro B est @; adduntur numeri
quidam et oy7jpa zod jupatos oV meoygupévros, Omnia m. rec.
in textu prop. 32 (ad xol émwsl p. 94, 11) signo quodam ad
hoc lemma reuocamur.

6] 76 b.  12. tdv] (prius) om. P. z¢] (sec.) 76 b. 14,
elg ©0 1y’) meo tov 10" postea add. B.  16. &ereu] in ras. V.
18, 7eg 7] e corr. V m. 2.
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nepaAdniog 719w 7 EZ. @avegdv ovv, ot &g ) AE
700g Ty EB, otreg 10 AZ magailnidyeauuov mods
70 ZB magadinidygappov. xol f6ve 10 pdv AZ 7o
o0 vov BA, AE" ioy yog 7 A 75y AB 6 6t ZB
5 70 vmd tov AB, BE' lon yee ) B4 tij AB. og &gu
7 AE mpog tyv EB, odrwg 76 Um0 tév BA, AE
mpog ©0 vmd rov AB, BE' Omeg £ds Osifou.
15.
Ad libr. X prop. 34.
Ajpyue.
‘Eav @61 0vo svdelae dwidol, Tundi 0} 5 élayiory
10 avtdv &g loa, ©0 Uvmd THY dvo evdady dimddoiov
dotau Tov Tijg pelfovog xal Tig Nuioslag Tig éAayioTng.
*Eatweay 0vo eldsiat &vicow af AB, BT, dv usitov
éotw % AB, xel rezwijedw 4 BIT diya xara o A
1épw, 0t 6 vmd 1oy AB, BI' dumddeidy éote Tov
16 Um0 tov AB, B4.
"Hyd® yag amd tov B enuselov vff BI' mpds dpdag
9 BE, xal xel6®w vfj BA lon % BE, xal xave-
yeyodpda o oyfjue. émel ovw oty dg ) 4B meog
v AT, otrwg 10 BZ meds v0 AH, ovvdsvr dgu
20 g 1) BI" medg v AT, ovrws 6 BH mpog ©6 AH:
dumdeciov 0¢ éetw 3 BI' vijg AT dimddoiov dpa
éotl xel v0 BH vot AH. =xoal éovi ©o piv BH ©o
oo trov AB, BT ion pag v AB tj BE' o 0%
A4H o v teov AB, B4 lon yap vi utv B4 5 AT,
25 7i] 08 AB 5 AZ" 8meg #dev dctbar.
15. Post prop. XXXIV p..104, 9 V, mg. m. rec. B'(nix
legi potest).

4. ZB} BZ B. 5. té»] om. V.  AB] (prius) e corr. V.
8. lijupe meoyougpdusvoy B. ~ 19. vl om. V. 21. 4" T'd B.
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lela ducatur EZ. manifestum igitur est,

4 LT 7 esse AE:EB=AZ:ZB [VI, 1]. et
‘ ’ AZ = BA>< AE (nam AI = A4B),
} ZB==_AB><BE (nam 4B= AB). itaque

1" |Z J erit AE: EB= BA> AE: AB > BE;

quod erat demonstrandum.

15.
Ad libr. X prop. 34.

Lemma.

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales A B,

',4 Ba I BI', quarum maior sit 4B, et BI’
in duas partes aequales secetur in 4.
dico,esse AB><X BI'=2AAB>< B 4.

! ducatur enim a puncto B ad
EZ H

BI" perpendicularis BE, et ponatur
BE = BA, et describatur figura. iam quoniam est
AB: A= BZ: 4H [VI, 1], componendo [V, 18]
erit BI': AI'=BH: 4H. uverum BI'==2A4TI. itaque
etiam BH = 24H et BH = AB> BI' (nam
AB = BE), 4H=AB><Bd4d (nam Bd = 4T,
AB = 4Z); quod erat demonstrandum.
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16.
Ad libr. X prop. 36.

‘Exalecs 0% avrqy éx 0vo dvopdrav &w 10
0vo ¢nrdv aveyy evyxeiePar xvgiov Svopa xeddv
0 gnrév, xed O dnriv.

17.
Ad libr, X prop. 37.
’Exdiecs 0% alrqyv éx 0vo péowv mewtny Ok To
5 OnTov meguéyewy xal mootegelv TO $nrov.

18.
Ad libr. X prop. 38.

’Exalsoe 0% avry & dvo uéewv dsvrégay dia to
uéoov meuéysy 1o Um avrdy xal wy nrév, Osv-
regevely 0t 10 pédov Tod fnrod. Ore 8% TO VWO Gnrijg
xal addyov megieydusvov dAoyov detiv, dijAov. & yog

10 éotar $nrov xal magaféfinrar mage Gyriy, &n &v xal
7 érépa avroD mAsvga ¢nvy. dAAe xal &Aoyog® Omep
dromov. T0 dpa VWO $nrig xal dAdyov &Aoydv dovwv.

19,
Ad libr. X prop. 39.
'Exdleoe 0t avryy pelfove Oia vo ta ané tév AB,
BI' ¢nqre pelfove slvar tov dlg vmwd tov AB, BI
” 15 uéoov, xal déov slver amod Tig THY gyTdY olxsdryTog
16. Inter dvoudroy et dmse p. 108, 16 PBFb,  17. Inter
mowty et mep p. 110, 8 PBFb. 18, Inter dsvrépa et Gmep

. 114, 2 PBFb, pro scholio V m. 1. 19. Inter pelfov et
omse p. 114, 22 PBFb, mg. V.

1. éndlsosy PBF. 2. ¢nzdv] dvoparvay F.  ovyxeicdou]
nodeiodar F (sed corr. mg.). 4. 3xdlsesv PBF. 5. mow-

RN
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16.
Ad libr. X prop. 36.

Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen uocans.

17.
Ad libr. X prop. 37.

Uocaunit autem eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad libr. X prop. 38.

Uocauit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur.

Spatium autem rectis rationali et irrationali com-
prehensum irrationale esse, adparet. nam si rationale
est et rectae rationali adplicatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; quod absurdum est. ergo spatium rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.

Uocauit autem eam maiorem, quia rationalia
AB? 4 BI'* maiora sunt medio 2 4B >< BI', et

regsdewy F. 6. xdlecsy PBF. 6] 760 w6 FV, 8. 8¢
(prius) om. V. 9. &6re BV, comp. Fb. 11, wlevee avzob F.
13. #xdlecey PBF.  15. pécwv PBFb,



10

15

398 APPENDIX.

v Svopaciay varve6doi. Ovi 0% pelfovd foTi ve amo
t0v AB, BI 10t dlg vnd rav AB, BT, ottwg daixréov.

Davegdov ptv ovv, On Gweol slow af AB, BI.
&l yap noav loo, i6e dv v xol T dxd vév AB, BI
v$ Olg Omwd tév AB, BT, xal 4y &v xal 1o Omd tév
AB, BI' §nrév: dmep ovy vméxsizar’ &vidor dpa &loly
ol AB, BI. vmoxelodw psllov 7 AB, xal xslodo
wjj BI" loy 4§ BA' vo doo amd 1év AB, BA loa éati
v e Olg vmd vov AB, BA xal ¢ amd vig AA.
ioy 0t 7 4B tij BI'* va &gu amd vév AB, BI" lou
darl v 7é 629 vnd vdv AB, BI' xal 1¢ dmo g
A4 Bovs ve dnd Tiw AB, BF peltove slvar Tov
olg vwo tév AB, BT 6 and A A.

20.
Ad libr. X prop. 40.

‘Prrov 0% xal uésov dvvapévy xalsiver avry dut
70 dvvacdor 0vo ywele, To udv ¢nrov, o 0% pédov:
xal O Ty Tov dnrov mgovmapby medTOv éxdAsdey.

21.
Ad libr. X prop. 41.

Kalsi 0% aveiqy 0vo péeo dvvapsvmy du vo Ov-
vaadar avtiy 0vo péoa ywele 16 TE GUpelusvov éx
16v ano tov AB, BI" xal 76 dlg vmd tov AB, BI.

20. Inter Swapsvn et émse p. 116, 138 PBFb, mg. V.
21. Inter dvvapévn et omeo p. 118, 17 PBFVb.

1. 0¢) 8t xal P,  d=d) corr. ex vz m. 2 F. 2. ot
BVhb. 3. odv] ovw dorv F. 8. amd] omé V. BdJ] corr.
ex BI' V. 9. énd] oné F.  tijg] tav F, om. Bb. = 44]
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oportet nomen a proprietate rationalium dari. esse
autem 4B%-4- BI"™>2 4AB>< BT, sic demonstrandum est.

— | iam manifestam est, 4B, BI
44 B I jngequales esse. nam si aequales
essent, esset etiam A4B? -4 BI® =2 4B > BT, et
AB >< BI et ipsum rationale esset; quod contra hypo-
thesin est. supponatur 4B > BI, et ponatur B4 = BI.
itaque 4B® + BA®=2A4B>< B4+ 44* [1I, T].
uerum 4 B = BI. itaque

AB% 4 BI?*=2A4B><BI' 4+ A4*

ergo 4B* 4 BI? excedit 2 4B >< BI quadrato 4.4°

20.
Ad libr. X prop. 40.

Spatio autem rationali ac medio aequalis quadrata
uocatur haec, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter prfinci-
patum rationalis primum hoc nominauit.

21.
Ad libr. X prop. 41.
Uocat autem eam duobus spatiis mediis aequalem

quadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B*+4 BI" et 2 4B><BI [u. fig. p. 119].

A4 P. 10. omo] vme B, o — 12. A4 m. 2V, 11.
dand] corr, ex ow6 m.2F.  12. 7a] v6 F. elvou] éome BFVD.

18. amd ] corr. ex v1ro m. 2 F. AA4] g 44 b et corr.
ex zav 44 F. 14. fnrov — oavin] xaleiron O owm? V.

Svvapévny BFb, et P, corr. m. 2. xalslton avtn] avﬂ;v
xalei BFb. 16. mv] v V.  Post medzov add. vo dnrov
BFb, m. rec. P. éxalese V. 17. xalel — Svvepsvny)
om. V. 19. an6 z@v] om. V. 6] oo P
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22.
Ad libr. X deff. alt.

“Et ovv ov6GY TV ovrwg xareiuufevoudvov &v-
Dedv tdrrer modrag T vake Tosls, P’ dv 7 pelfov
zijg éldaGovog usitov dvvaral T and cvppérgov éavry,
devrépag O} vfj rdke Tag Aoumag Toels, P’ AV TG Gmwd

b aovupeTeov, O Td WPOTEQELY TO OUUUETQOV TOU AovuU-
uérgov' xel fvu modtnqy pév, &9’ g To peitov dvopa
ovpusTdy dove tf) éuxeaipdvy ey, devrégav 0€, i’
ng 10 &lacdov, die T wdAw meovsgeiv T psifov Tod
élaagovog te dumeqiéyey 1o EAaccov, toltny 0%, i’

10 v undérsgov TV Svopdrov 6VuueTedv ot Ty éx-
xapdvy Onri. xal éml tédv EEfg Ty Opolwg TH
oty Tig elonuévng devtdous Takemg TeTarny xoAdY
xal T Osvrépay méumrny xel v Toltmy ExTny.

. 23.
Ad libr. X prop. 90.

"Eoti 0% nal cvvropdtegov deifar Ty sUgeoly tdv

16 slonuévar EE dmotopdv. xal 017 fore evgeiv Ty
moatyy. &xxelcdo 7 éx 0vo Svoudrwv mowty 3 AT,
ng weitov Svoua 4 AB, xel vij BI' i6y xel6dw 4 BA.
ol AB, BI' ¢ga, tovtéetrww af AB, Bd, ¢nral elow
dvvdps pdvov evuppsrgor, xal 4§ AB wig BI', rovr-
20 éo1e Tijg B, peitov dvvarar 1¢p Gmo cvpuirgov éavry,

22. Post Fxtn p. 136, 19 PBFb; mg. V, sed add. xefpevoy.
28. Post dsikar p. 274, 16 PBFVb.

1. o0y m. 2 F.  o%re BFb. 8. Ante svppéroov ras.

1 litt. B. 4. t$] mut. in 76 m. rec. P, corr. ex 6 F, ¢ b.
b. dovppéreov]dovppireovSavei V. dovppéteov] cvppéteov V.

6. mowTn B, sed corr. m.1. 7. dsvreeov P, corr.m.rec. 8.
#latrov Bb, comp. F. 9. #1drrovos Bb, comp: F. ¢ e corr. V.
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22.
Ad libr. X deff. alt.

Cum igitur rectae ita inuentae sex sint, ordine
primas tres ponit, in quibus maior quadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
qua maijus nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundam quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quoque inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
—j—4——y positum primam inuenire. ponatur 4I'
4 4 B T pecta ex duobus nominibus prima, cuius
maius nomen sit 4B, et ponatur B4 = BI'. itaque
AB, BI', hoc est 4B, Bd, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et 4B*
excedit BI'® hoc est B4? quadrato rectae sibi com-
mensurabilis, et 4B rationali propositae commensu-

10. 4ote evppergoy BFb, 11, énl] corr. ex édmed V. 14,
ge' BVb, fotwv B, stgnory FV? 15. €] om. b.
16. %] (prius) om, PV. 17, Zuneilofo V.  18. elaww B.

Euclides, edd. Heiberg et Menge. IIL 26
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xal 7 AB ovVpusrgds fove T énmspivy $nri wixe
dmorouy &oo mewry oviv § AA. opolwg 0 xal vog
Aowmeg dmovopag svgricopsy éxdéuevor Tag (Cagiduods
éx 0vo Svopdrav: Omegp &0a dcifou.

24.
Ad libr. X prop. 115.
"diiwg.

"Eotw uéen v A" Aéyw, otv anod viig AT &megor
dhoyor plyvovvau, xal ovdeuln ovOeuid TGV mWEdTEQOV
7 adr. ,

"Hyfo tfj AT moos 6pPag 7 AB, xal iorw dqry
n AB, xel evumewAnewodo ©0 BI™ &loyov dpa éotl
20 BT, xal ) dvvepévy avrd éloyds éotwv. dvvdede
avto § 4" &hopog &ga éovlv ) I'd. xel 0vdsuii
v molregov 7 adrii® To pip dm’ ovdsuidEs TOY WED-
TEQov maga Gnriy megafallopsvov mAdrog woisl wony.
nedw Gvpmeningwodw t0 Ed* dAoyov dga dervl o
Ed, xal 1 Svvapévy avtd &hopdg fotiv. dvvdede
avrd 1 AZ° Ghoyog Eoe éotly § AZ. nal ovdeuid TGV
mooTEQoY 1) avTi TO pag aw’ ovdsmds TOY MEoTEQOY
nape dnrny magafaridusvov wddrog mousl tyv IAd.

‘Ano uéeng Goo Gmeigor dlopor ylvovrar, xal ov-
Oeule 00dsuid T meoTegov 1 ety doTv’ Omeg Edet
detta.

24. Post deifor p. 870, 28 PBFVD.

3. xBéuevol] v e corr. P.  tag] om. V.  sloeoiduods B.

4. omeg E0s 6s£§m‘} om. BFVb, comp. P. 7. ylvovrar V.,
ovdepia] om, PFV, 8. 7] demwv 7 B. 10. &'loyov%in
ras. @. dloyoyr — 11. BI'] mg. m. 1 P, 11, ot PBYV,
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rabilis est [deff. alt. 1]. ergo 44 apotome est prima.
similiter igitur reliquas quoque apotomas inueniemus
expositis rectis ex duobus nominibus eiusdem numeri;
quod erat demonstrandum.

24,
Ad libr. X prop. 115.
Aliter.

Sit A" media. dico, ab AL irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.

Ducatur 4B ad 4I' perpendicularis, et rationalis
sit 4B, et expleatur BI. itaque BI' irrationale est
[prop. XX], et recta ei aequalis quadrata irrationalis
4 I 4 z est. sit F'4*=BI. itaque I'd

| ' irrationalis est. nec ulli priorum si-

1 milisest. neque enim ullius priorum
B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed. itaque EA irrationale est [prop. XX], et recta
ei aequalis quadrata irrationalis est. sit 4Z*=E4.
itaque 4 Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum quadratum rationali ad-
plicatum latitudinem efficit I'4.

Ergo a media irrationales numero infinitae oriuntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. éezwv] comp. Fb, dou PBV.  20. d=o 4s
Bb, ziig add. m. 2 F. ~ ylyvovrar B.  ovdenile] om. PFVD,
21. ovdeplav @.  domv: Gmee 081 dsikar] om. BFD,

26%
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25.

‘H ti] éAd6cove cvpucroog élacowv éeTiv.

"Eotw éidacov § A, nal vfj A ovpucroog [éorw]
% B* Aéyw, ote 1) B éAdecav éoTiv.

Keto®o ¢nryy 5 I'd xel té and viig A lov mage
v I'd moagefefriodo ©0 I'E midrog motodv tnw
I'Z: amovouy doa éovl tevdgry n I'Z. ¢ 0% dmo Tijs
B ieov mage ty ZE magafefinode o6 ZH midrog
zototw Ty ZO. émel ovv evpucrgig éovwv 7 A i B,
ovppsToov dgo éori xal TO awd vig A td and tijs B.
gile e wiv amd wijg A lgov fori w0 I'E, v¢ 0%
ano tig B icov fovl 10 ZH- evpusrgov dga foti
10 I'E 76 ZH. &g 0t 10 I'E mgdg 10 ZH, ovrag
dotlv 1§ I'Z mpog iy ZO° ovupergog dga Eotiv
1 T'Z tf) ZO piue. dmovopsy 0¢ éovu tevderny n I'Z:
amoroun doo éoti xal 7 ZO terdgry' 1o HZ dga
megiégerar vwd dqrijg vijg ZE nal dmwotowis terdorys
tijis 2O. éav 0t ywolov megiéyyror Umd ¢nrijs wed
amovoudis veragrng, v TO ywelov dvvapivy éAdcewv
éortv. Ovvarer 0k v0 ZH 4 B éldecwv &ga Zotiv
7 B. Omep &0at deitau.

25. Alia demonstr. prop. 105, post nr. 24 PFV, mg. m.
1 b, m 2 B, inV etiam ad prop. 106 mg. m. 1 (V,).

1. éMwg 10 ¢s' V,, @’ b, eup’ B; eue’ F, eif m, 2.
idtrov F. 2. éldrrov F.  fotw] om. PV. 3, ot P,
comp. V, et postea ins. ¢. 4. duneloSw BLV,. ¢énmy 9
I'd) yae 7 I'd fnej BV, § T'd $mpeij b, 3 T'd F. A% 4 .
6. 16 ro PB. 7. Post ZE add. I'd P, et V, sed del. 8.
tjj B] corr. ex BHB m. 1 V., 9. doz/] om. BFbV,. <6]

corr. ex t¢ B, mut. in z6 V;.  10. oty P, om. V,.  vd]
7 V, et B, sed corr. 11. 467{] om. BFbV,.  1d] corr.
ex 7@ V,. ZH] in ras. m. 1 P, 13. dotly] om. FV,.

I'Z) in ras. m. 1 P.  Zgtty] om. V,. 14, 5 I'Z] postea
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Recta minori commensurabilis minor est.

Sit minor 4, et rectae 4 commensurabilis B. dico,
B minorem esse.

ponatur I'd rationalis, et quadrato 42 aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
r z o itaque I'Z apotome est quarta
|| | [prop. Cl. et quadrato B® aequale
| rectae ZE adplicetur Z H latitudinem
‘ efficiens Z®. iam quoniam 4, B
4 E H commensurabiles sunt, etiam 4%, B*
commensurabilia sunt. est autem I'E — 4%, ZH = B
itaque I'E, ZH commensurabilia sunt. est autem
TE:ZH=TZ:Z6. itaque I'Z, Z® longitudine com-
mensurabiles sunt [prop. XI]. I'Z autem apotome
est quarta. itaque etiam Z® apotome est quarta
[prop. CIII]. itaque HZ rationali ZE et apotome
quarta Z® comprehenditur. sin spatium recta rationali
et apotome quarta comprehenditur, recta spatio ae-
qualis quadrata minor est [prop. XCIV]. et B*=ZH,

ergo B minor est; quod erat demonstrandum.

add. V,. 18. dotl] doriv P. 20} OZ P, 16 HZ — 16.
ZE] mg. m. 2 B, gnri) 62 7 ZE Bb, §nr $ney 0t ) ZE F.

18. fldrrov B, 19. dov/ PVV,, comp. BFb. Zldecwy
— 20. deikar] om. F. 19, doo] om. P.  20. Gmep #des deifos]
comp. P, om. BbV,. Inb add. lotéov, s % rovzov t0d Seeo-
onjpatog mebradis 1) evry et T Tod @5, 00w wal &y tois
£ow, mogalélaimrar, 7 0k narayoan xel vo oyfjue 0¥ Té adra
eloww: yéyoamrar &t Zv &Ahe nal gif’, 016 nal Hueis TovTo maga-
zefelnapey.
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26.

‘H tj peta fnrod puéoov td GAov morovoy
6vuusTgog pera gnrod uédov to Slov mwoiLovG
éorev.

"Eorw peve $nrod uéoov to Olov mowovow 1 A,
evppcrgog 0t avrf) v B Adyw, Gvt ) B psra ¢nrod
péoov 10 ddov moioved foTiv.

‘Exxcio®w §non ) I'd, xel te ptv énd vig A loov
nege iy I'd megafefriodo t60 I'E midrog moiovv
v I'Z amovour &po fovl méumry 7 I'Z. 6 0% amod
vijg B ioov mape v Z E magefefiiodeo 10 Z H niarog
mototy Ty ZO. émsl ovv oVuperods dotiv ) A i B,
ovppeTeoy dove xel To and vig A Té and vig B. dAle
td udv ano vijg A ldov ©0 I'E, ©é 0% dmod wijg B
loov vo ZH* o6dpuergov dga o7l v6o I'E ©g ZH-
ovupsroog doo xol § I'Z v} ZO winer. amoroun 0%
néuwry § I'Z: amorouy) &oo éorl méumry xal 4 ZO.
gnryy 0t | ZE- dov 0% yoglov megiéynran vmd nrijg
xel amoropiis méumrng, 7 0 ywelov Svvaudvy usra
¢nrov péoov ©o GAov mowoved foTiv. Ovvarar 0% TO
ZH v B % B &ga % psve ¢nrov pésov vo 8lov moi-
ovoe dotwv' Omep &der OstEa.

]
26. Alia demonstr. prop. 106, post nr. 26 PFV, 6 mg. m.
1 b m 2B, in V etiam ad prop. 106 mg. m. 1 (V,).

1. &ldog o0 o V,, eun’ Fb, od’ B. 7 — 8. fotw]
om. V,. 2. Ante pere add. xel avmii m. 2 F, xal aden 7 b,
7 F. ~ 4. foto % BFbV,. 5. nal 7fj 4 dvppergogs 7 B V,.
léyow — 6. domv] mg. V,. 6. % B] supra scr. m. 1 )
9. doriv P.  mépmon doniv F. 12. B] B4 o. 13. I'E}
corr. ex ZE V, ZE b. 15, nal] dotl nal V. Z@; COrr. €X
re v, re P.  16. méumey] (prius) om. b. ~ 7] deziv 7 bV,.

17. $nzov P. éntn 8t 7 ZE] om. V,. 19. Zout VLV,

-3
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum medium effi-
ciens est.

Sit 4 recta cum rationali totum medium efficiens,
ei autem commensurabilis B. dico, B rectam esse cum
rationali totum medium efficientem.

ponatur rationalis I'd, et quadrato 4® aequale
rectae I'd adplicetur 'E latitudinem efficiens I'Z,
itaque I'Z apotome est quinta

_ I Z
o [prop. CI]. quadrato autem B?
1 aequale rectae ZE adplicetur ZH
1 latitudinem efficiens Z ®. iam

A4 B4 E

quoniam 4, B commensurabiles
sunt, etiam 4%, B® commensurabilia sunt. est autem
I'E= 4%, ZH= B itaque I'E, ZH commensura-
bilia sunt. quare etiam I"Z, Z® longitudine commen-
surabiles sunt [VI, 1; prop. XI]. I'Z autem apotome
est quinta. itaque etiam Z® apotome est quinta
[prop. CIII]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B® = ZH.
ergo B recta est cum rationali totum medium efficiens;
quod erat demonstrandum.

comp. BF. d0é] om. V, 20. 7] (tert) PVV,, om. BFb.

21. Zoriv] supra scr. V,. 8mso €3er dsifou] comp. P, om.
BFbV,. Inb add. m. 1: ocavreag xal zodrov rot Bemerjuuros
) medraoig % avey éote tf tob of , oY Ry % natoyeoen xal
70 oyfipe énelve 1o avra eloww. Fomu OF v Evégo wal eun’, 1o
nal nuiv nagayéyoantal. sira to Evdov aif’ &y Sue(mp éotl ud’

xal EENg To lourd,



10

16

408 APPENDIX.
27.

Mgoxelodw nuiv detbar, 0t éxl tdv -re'cpa‘-
YOVOVU CRRUETOY d6UuuETgog oty 7 OLdps-
T00g Tf} MALVQE pixeEL.

"Eotw tvevpdpovov 0 ABIA, didustgog 6% avrov
N A" Aéyw, 6t ) I'A devpuergdg éoti 1] AB papnee.

E! pag dvvardw, é6tm ovuucrgos’ Adym, OTL Gvyu-
Pri6eTar Tov avToy douiudY deTiov Elvar xai mEQLOGOY.
pavegdv ulv odv, on 10 dmd tig A dimhdeiov Tov
ano 1ijg AB. nal énsl ovppeveds éoviw 1 I'd © AB,
7 T'A épa modg iy AB Adyov &g, Ov dpududg medg
aoududy. &frw, ov 6 EZ moos H, xal éorweéav of
EZ, H éidy6tol 1év tov atrov Adyov éydévtemv avrois”
ovx doo povag fotlv 0 EZ. & pap éovw povag 6
EZ, & 0% Adpov modg tov H, ov &ea 1 A meog
iy AB, xol peltov 7 AT tijg AB, pelfov dga xal
7 EZ vot H agidpot Omeg Gvomov. ovx &ge wovdg
éotww 0 EZ' douBudg doa. xal émel éotww dg v I'd
mog Ty AB, ovrag 6 EZ medg tdv H, xal g doa
©0 and g I'd meog ©d dmd tiig AB, oVrwg 6 amd
tov EZ mgég tov amd tov H. Odumwddoiov 0t 10 dmwd
viig I'd tov dnd vijs AB* Oumhaciov dgo xal 6 &md
t00 EZ vov dwé tov H* dgriog e éotly 6 dmod tov
EZ' deve xal atwog 6 EZ dguidg éovw. & yop qv
nEQLOGOg, xal 6 Am alrod TETQAY@VOG WEQLEGOS NV,

Post. nr. 26 PBFVbD.

ot b, en” B; a5’ corr. in @8’ m. 2 F. 1. 6n] m. 2 B.

2, gvupergog F, corr. m. 2. 6. I'd] AT FV.  cvppergog
F, corr. m. 2, 7. meguzzoy V. 8. dote 1ot Bb, Zore add.
m, 2 F. 9. tilg] corr. ex. tov m. 1 b. I'4] AT F. 10.
I'd4] in ras. V, AT F. &oa] om. V. 11."8v] in ras. B.
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27,

Propositum sit nobis demonstrare, in figuris qua-
dratis diametrum latusque longitudine incommensura-
bilia esse.

Sit 4BI'd quadratum, diametrus autem eius AT
dico, I'4, 4B longitudine incommensurabiles esse.

nam si fieri potest, commensurabiles sint. dico,
fore, ut idem numerus et par et impar sit. manifestum
igitur, esse A" = 2 ARB® [I, 47]. et quoniam I'4,
AB commensurabiles sunt, I'4 : 4B rationem habet,

Z- quam numerus ad numerum
\‘E @' [prop. VI]. sit
} ‘ I H—-—— TI'd:4B=EZ:H,
j N et EZ, H minimi sint eorum,

, - qui eandem rationem habent
[efr. VII, 33]). itaque EZ unitas non est. si enim
est unitas, et EZ: H= AI': AB, et A’ > 4B, erit
etiam EZ > H, unitas numero [V, 14]; quod absurdum
est. quare EZ unitas non est. ergo numerus est.
et quoniam est I'd: 4B =EZ:H, erit etiam
'4*: AB*= EZ*: H* [VI, 20 coroll VIII, 11].
uerum I'4®* =2 4B itaque etiam EZ? = 2 H®. quare
EZ? par est. itaque etiam ipse EZ par est. nam
si impar esset, etiam quadratum eius impar esset,

EZ] E in ras. 1P wov H BFb. 12. H] om. b.

14. #yee 04 ual é’xs; BFb. medg] (prius) comp. corr. ex
comp. »el{ m. 1 F. 16. Post EZ add. povas Bb, m. rec. V.

17. éomev] (prius) m. 2 F. I'4) AT B. 18. tév] o in
ras, B. 19. I'4] I in ras, V. 4B] Binras, m. 1 P. 21,
tijs) T0v PFV. dnd tig] m. rec. zij¢] zod P. Je-
mdecoy F, é‘mlaatoc V. 6] =é Fb. 22. rov] (primum)
g F. ‘23, dote] - e corr. V., 24. 79] av Ay
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énedimeg, éav megiodol doudpol 6mocoLotY GuvTEddaLY,
70 0% mATPog avTdY WEQUOGOY 9}, 6 BAog meQLaGig Ty
0 EZ &ga &gridg éovv. rverpode Olye xate to 6.
xai énsl of EZ, H éAdayiorol &l6r 16y 1oV avrov Adyov
éydvrav [avdroig], modtor meog dAlifAovg slolv. xal
0 EZ dgriog: megueadg dpa éorlv & H. &l pag 7w
tgriog, tovg EZ, H dvag Zuérgers mag yag doriog
#ree uégog fuiov: mpwrovg Gvrag mpdg addjlovs: Omeg
dotlv advvarov. ovx doa dguids fotw & H' meguocog
doo. xol émel dumAdoiog 6 EZ tov E®, rergamidoiog
doa 6 and EZ vov ano E®. dumddeiog 0 6 amd tov
EZ vov amo vov H' duwhdaciog doa 6 amd ot H votv
and E® &griog dpa fotiv & dmd tov H. &priog dou
da o eloquéve 6 H* dlda xal meguoedg Smeo éotly
advvarov. ovx too 6Vuusteds detiv v I'd vij AB
unxes: Omeg Eder dsibau.

"didwg.

[danzéov xal Erépmg, Otr aGvuuergdg éoTiv % Tov
TETQUY@VOU OLauETQOs Tf WAEVQOE).

"Eerw avtl pdv vijs Oiepérpov 1 A, dvtl 0% tig
mleveds 0 B Aéyw, Ot dovppereds dotw 4 A tij B
pijxes. & pop dvvardv, é6tm [evppergos” xal peyovirm)
nddw wg 7 A wedg T B, ovrwg 6 EZ doiduds meog
tov H, xal dotweav éiayioror tov tov avrov Adyov
éyévraw avrols of EZ, H' of EZ, H dga mpdtoL 79og

1. ovvrefaee PFV. 2. 6] om. B, xal 6 FV. 8. dorws]
comp. Fb, 6z« PBV. O] e corr. B, 4. H aqudpol! BFb,
5. adroig] om. P.  gle/ PVb, comp. F.  wal] nal doriv
BFb. 7. pergel F, corr. m. 2; &» duéroer bene edd. 10.
dinldoiog) Oimlaoids dory F, dumdaclow doriv Bb. 11, dmé)
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quoniam, sinumeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eorum, qui eandem ra-
tionem habent, inter se primi sunt [VII, 21]. et EZ
par est. itaque H impar est. nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E@®, erit
[VILL, 11] EZ: =4 E®® est autem EZ®=2 H2
itaque H® =2 E@%. quare H? par est. itaque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'd, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.

Sit pro diametro 4, pro latere autem B. dico,
A et B longitudine incommensurabiles esse. nam si
fieri potest, sit rursus ut 4:B, ita numerus EZ ad H
[efr. prop. VI], et EZ, H minimi sint eorum, qui
eandem rationem habent [efr. VII, 33]). itaque EZ, H
primi sunt inter se [VII, 21]. primum dico, H unitatem

m. 2 F. EZ] vod JBZ Bb, m. 2 F. E@] 700 E® Bbo.

12. HJ (pnus) H 4 b 13. E®] OFE in ras. V, ot E®
BFb. 14. dotiv] om. V. 16. I'4] in ras. V, supra scr.
4b.  16. Post pyjxee add. devpperoog [ (¢ec m. 2 F) BFb,

onzg £de deifen] comp. P, om. b, ofj :~ B. 17. &llag]
om. BFVb, ef’ mg. F 18. Jsmtsov — 19. mieved] om. P,
mg. V. 20. fotro yap BFb. 22. avpperoog” nal yeyovezw]
om. PV, m. 2 F. 25. avvois] om. Fb, m. 2 B. of] (prius)
e corr. V.  modvroi] supra scr. m. 1 F.
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dAdfiovs eloiv. Aéyw modTov, 6te & H ovx é6Te wovdg.
&l yag Ovvarov, éotw povdg. xoal émel dovww ag f A
nog tiv B, ovtwg 0 EZ meog tov H, xal g dpa
70 dmd tig A meds To amd tig B, otrwg 6 amd Tov
EZ mgds 1ov ano tov H. OuwAdeiov 0t td dmo tijg
A Tov and tig B dimAdeiog doo xal 6 and tov EZ
tov awd vod H. xal éote wovag 6 H' Odvag dga 6
and EZ verpdywvog: Omsp otly advvavov. ovx &pa
poveg ot 6 H' agududs doa. xal émel dotwv g
16 amo tijg A medg To am( Tijg B, oltwg 6 dmo EZ
7eog TOV amd vov H, xal avdmedww &g T0 dmod TR
B mgog t0 amod tijg A, ovreg 6 awd Tov H medg tov
and vov EZ, pergel 0t to and tiig B ©0 dmd vig A,
uergel dga xal 6 dmo rov H terodywvog tov dmd TOU
EZ: @ere ol f mhevoa avry 6 H vov EZ uevgel.
usroel 0 xol favrov 6 H 6 H dga zovg EZ, H
pevoel mowrtovs Ovras medg aAdjdovg: Omeg éotly
¢0vvarov. odx doo evuuetds fotiv m A T B urxer
dovupctoog doe dotiv: Gmeg &0 Osibar.

28.
Zyodiow.

Evonuévav 03 tov wixe dovpuiroey 0P adv,
og 1av A4, B, sbgiloxcrar xol GAde mAsiora peyédn éx
0vo daoracenv, Aéym O émineda, aovppsToa aiiflog.
dov yagp tov A, B e0%adv péony avdioyov Adfmusy
mpy I, &6t og ) A medg v B, oUrwg 16 amo tig

28. Post. nr. 27 PBFVb.

1. &loi PV, comp. F. ot momrov b. 3. 0]
tov] ij» Fb. 4. 76} 6 P. 0] v P. T07)

™
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- - E. . non esse. nam si fierl potest, sit
Hl unitas. et quoniam est 4:B= EZ:H,
erit etiam 4%: B = EZ%: H*® [VI, 20
coroll.; VIII, 11]. werum 4°®= 2 B?
{1, 47]. itaque etiam EZ?=2 H? et
H unitas est. itaque numerus qua-
dratus EZ* binas est; quod fieri non potest. quare
H unitas non est; ergo numerus est. et quoniam est
:B2=EZ?%: H‘ et e contrario [V, 7 coroll)]
B2 A*=H*®:EZ? et B? metitur 4%, etiam H® metitur
EZ: quare etiam latus ipsum H numerum EZ me-
titur. uverum H etiam se ipsum metitur. itaque H
numeros EZ, H metitur inter se primos; quod fieri
non potest. quare 4, B longitudine commensurabiles
non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

28.
Scholium.

Inuentis igitur rectis longitudine incommensura-
bilibus, uelut 4, B, etiam plurimae aliae magnitudines
duarum dimensionum, secilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas A4, B
mediam proportionalem sumpserimus I, erit ut 4:B,
ita figura plana in A descripta ad figuram in I' si-

6. dumddotoy P. 1. 6 and] domv 6 Fb, dorv 6 dmd tov B.

10. 76] (prius) supra m. 1 and] (tert.) om. BFb. 11
amo rod] om. BFb.  13. 7d] (a.lt) corr. ex o m. 1 F. 14,
o] =6 F.  15. avris B. 18. 5 4] e corr. V. 19. oty
om. BFb. gmeg #0es deifer] comp. P, om. BFb.  20. uzohovi]
om. FVb (in fig. oy’ F), ona’ B. 22, svolcuowaz B (corr.
m. 2) Fb. 28. &) o éu F.  éalmedov F.  cdpperen B,
sed corr. 24. evdacv] om. BF.
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A énimedov mpog 70 amd vijg I' 70 dpotov xal duoims
avaygapousvov, site rergdymve &y T dveyeagiucve
slte frega evPVypappe Opoie &ive axvxdor mwsel Oia-
uéroovs tag A, I', dmeimep of xvxdor meds aAdrnlovg
sloly og Te Amd 1oV Oeudrowv TeTgdymve. sUEnYTAL
doa xel Zmimede ywgle dedupstoe dAdnlots” OmeQ
&de1 Jeikou.

dedayuévav 01 xal rév éx 0vo diacracsoy Oia-
pdpwv dovuuérony ywelov dsitousy Tois axd Tig THY
oregedy demplag, g £0T el aregen GVpueTed TE xal
aotuperpe addflowg. fov yag éml vov dmd rév A, B
reTgaydvey 1 tov ldov avroly svdvyeduuny dvaeri-
owpsy l6ovyi 61speq mepuAdnieminsda 1 mvouuldag
7 molouara, Eorar T avesradévra medg &lAnia og of
Beces. xol & udv evpuergol elow of Padeg, vy~
petpe €6t xal to 6reged, & O0F a6VmusTgor, doUu-
ueroa. Omep E0e deikou.

"AAde py xal Vo wixdov Sviev tov 4, B dav
an’ avTdv lGovpeis xovovg 9 xvAlvdgovs avayodpausy,
Zoovrar mpodg adAjlovs dg af Pacelg, Tovréery dg of
A, B uvxdot. xal & plv ovpucrgol &lew ol xvxdo,
ovuusrgor Egovrar xel of te xBvor mwedg aAdjAovg xal

1. énimedov] sidog BFb.  zfig] om. P.  xed] te nai V.

2. avayeyeappévoy BF, mg. b.  dvayeyoappéva BFb,  3.eite]
(prius) eize nalP. 4. dmsl yap, supra scr. meo m. 1 F, Mg, pedrion
tovz0 v 6 B’ vov 1f’ év mols greesois m. rec. B. 6. dmeo
#de detka] :~ BFb, et P, sed supra scr. m, 1 comp. 8.
exp’ B. 9. ywelwy acvppérowy B.  tois] dv roig Vb. 11
ono tov] om. F. 12. avadricw V, deinde supra scr. avrois
m. 1. 13. lgovyy] {- inras, m. 1 B.  loovys creesa mapal-
Anlemwimeda] mg. V, in textu del. loovys yeapuds 9 magalini-
emineda. mogallnloeninsda F | nagdiinia émingda b. 4] e
corr. F; olov, supra scr. 4 m. 1 b, 14, &g] postea ins. m.

™
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milem et similiter descriptam [VI, 19 coroll], siue
quadrata sunt figurae descriptae siue aliae rectilineae
4 r B Similes siue circuli circum diametros 4, I,
T T T quoniam circuli eam inter se rationem habent,
quam quadrata diametrorum [XII, 2]. ergo
‘ etiam plana spatia inter se incommensu-

rabilia inuenta sunt; quod erat demon-
strandum.

Inuentis iam spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
surabilia, si enim in quadratis rectarum 4, B uel
figuris rectilineis iis aequalibus solida construxerimus
eiusdem altitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia [prop.
XI]; quod erat demonstrandum.

praeterea si 4, B duo circuli sunt, si in iis conos
uel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc est quam
circuli 4, B [XII, 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V. 18, uovyyargo[ellaw of Bacerg V.  117. 6msg £0s1 eifa]
om. BFb, 18. gxy’ B. uvnlaw] in ras, V. 20. ag |
om, P, m. 2V, Post alt. dg ras. 3 litt. V. 21. elowy
elev V. 22. xef] om. B. ze] om. b. wQos &uﬁlovg]
aAniotg BFD,
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of xVAwdgoi, & 0t aevpuergol eloww of xvxdo, a6Vu-

pergor Fgovrar xel of x@vor xal of xvAwdgor. el

pavegov quiv yéyovev, Ote oY pdvov éml yoauudv

xel mipavedv f6TL ovupsToln Té %ol aovuusTele,
5 adde xal &ml tov 6regemy GynudTOY.

1. 061 &’ F.  elow] elev b. 8. yéyowe V.  8u] 8 &

PV. éml] éml ze P. 4. wal] 7% P, doty odppeTen P

aovyysrga P. Mg. yo. cdppsrea nal dodpperoe m. 1 b 5.
otzoeoy] fréguy F.
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erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euclides, edd. Heiberg ot Menge, III. 27



