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PRAEFATIO.

Praeter codices solitos PBF Vb, quos ipse contuli,
nisi quod cod. Bodl. B ab initio usque ad finem
definitionum alt. p. 136, 19 beneuolenter conferendum
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc
libro X uti mihi licuit palimpsesto cod. Musei Britanniei
Add. 17211 (L), de quo cfr. uol. IV p. VI; continet

X prop. 15 p. 44, 12 perpnose ad finem prop.
X prop. 16 p. 46, 2 (uéye)®og — p. 46, 8 Or.
p- 46, 17 (ue)voei ad finem prop.
X, 16 lemma p. 46, 238 -uov flAeimov ad finem,
X prop. 31 p. 92, 19 (ué)ear ad finem prop.
X prop. 32 totam.
X prop. 32 lemma ab initio ad p. 96, 20 Giq.
X prop. 80 p. 240, 9 dvvardy ad finem prop.
X prop. 81 ab initio ad p. 244, 10 ¥nd.
X prop. 112 p. 358, 19 B4 ad finem prop. *
X prop. 113 ab initio ad p. 362, 19 ofrwg.

In appendicem hic, ut .semper, ea sola recepi, quae
in uno saltem meorum codicum in textu legebantur;
quare in mea editione quaedam eorum, quae Augustus
in app. V habet, frustra quaeras; sunt enim scholia
marginalia, quae in uol. V suo ordine edentur. Pro-
legomena critica quominus uel huic uel quarto uolumini



VI PRAEFATIO.

praemitterem, sicuti constitueram, prohibuit ratio scho-
liorum, quae quinto wolumine comprehendentur. nam
cum inde non puuca subsidia ad codices aestimandos
peti posse uiderem, statui iis demum editis ad pro-
legomena illa adcedere.

Serib. Hauniae mense Nouembri MDCCCLXXXYV.
I. L. Heiberg.



ZTOIXEIA.

Euclides, edd. Heiberg et Menge. IIIL.
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o. Edppston peyédn Adyerar ta 16 avrd pérow
ueTgovpeve, aevuperoa 0¢, v undlv évdéyeren
xowov pérpov yevécdai,
f. Evfstay Svvapes 6bupetool elow, drav ta dxr’

QUTOY TETEHY@VE TG GUTEH L0000 HETERTOL, ROV~

pergot 0¢, Otav tolg amw avrav Tergaywvolg undiv
dvdéymrar ywolov xowdv uérgov yevésda.

¥ Tovtav vmoxeipévov deixvvrar, 8tu Tf meotTs-
Belon evdele Imdoyovowy evdelar wAnder Emeigor ovu-
pergol te xal aovuusrgor al ulv wixer udvov, of Ok
xel Ovvdust, xaAeloBo ovv 9 ulv mporsdelon evdein
énti, xal of tadry ovpustoor &lte pixer xul Suvdue
elte dvvapes p(vov fnral, af Ot wavry dovupergoc
dAoyor xedslcdmoar.

0. Kal v0 pdv and tis mporedeiong evdelag terod-
yovov ¢nrdv, xal & Tovre 6vmpsTex $ntTd, Td OF
TOUTE @ovpustex GAoye xalslodm, xal af Svvdusvar

Ad deff, cfr, Hero deff. 128—129, Anonymus Hultschii p. 256,
Martianus Capella VI, 718.

Evxleldov stagelov i PV, Evnle@ov stougelny TV Béwvog
éud‘oo‘smc i F, Evnlefd‘ov stoiyeiay ¥ Tig 8enwoc éxdocewg b.
1. Ggoe] om. PFV opoc t06 i b, 6gos tod ¢ B. numeros om.
codd. = 6. Ante ovpueroor ras. 1 litt P. 8. #vdéyetar bo.
9. meooredziop b et o corr. F.  10. Post e08eley add, Theon:
rovtéotiy ag g déoer ta piree T0 e mnvouov %ol 70 ma-
latoriaior sl 10 Saxtvliaiov 7 t6 modiaiow lauPdverar (BFV D).



Liber X.

Definitiones.

1. Magnitudines commensurabiles uocantur, quas
eadem mensura metiri licet, incommensurabiles autem,
quarum comimunis mensura inueniri nequit.

2. Rectae potentia commensurabiles sunt, ubi qua-
drata earum eadem mensura metiri licet, incommensura-
biles autem, ubi nullum spatium communis quadra-
torum earum mensura inueniri potest.

3. His suppositis demonstratur, rectas numero in-
finitas esse datae rectae commensurabiles et incommen-
surabiles partim longitudine tantum, partim potentia
quoque. iam data recta rationalis uocetur, et quae ei
commensurabiles sunt siue longitudine potentiaque
siue potentia tantum, rationales, quae autem ei in-
commensurabiles sunt, irrationales uocentur.

4. Et quadratum datae rectae rationale uocetur,
et quae ei commensurabilia sunt, rationalia, quae autem
el incommensurabilia sunt, irrationalia, et rectae, quae

nifPe) om. F.  ovppergol Te xal] supra scr. m, rec. P. 11,
povov, af 8] om. Theon (BFVb%. 12. Post dvvduee add.
Theon: «f 8% Ovvauee poévoy (BF VD). npoorefeica b et e
corr. F. 14, odppergor b, corr, m. rec.; deinde add. Theon:
nara t0 cvvaugotsgoy (cvv- om. b), rovréony (nal del. F) pyner
%l Svvaper (BF Vb); idem P mg. m. 1 pro scholio. 16.
woooredeiong b et o corr. . 17. (Smns] om. F. 18, Ante
&loya add. xate 10 ovvapgdrieov F; idem P mg. m. 1 pro
scholio. nodslo@woay Theon (BF V).
1*
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atre &hoyou, & udv tevpdywve &ln, avtal af whsvoal,
&l 0% Frsod twe svdVpeapue, af loa avrols TeTgeyova
avaypagovaal.

’

a.

5 dvo ueyedov avicwv duxaipévov, éav and
ro¥ pellovog dpaipedf peifov 1 To fuiov xel
tot xataleumwopdvov peifov 4 1O fpiov, xal
tovTo asl ylyvyrar, Ascpdiosral Ti uéyedog,
0 fotar EAacdoy toV Zxxeipévov élacdovog pe-

10 yédovs.

"E6tw 0vo usyédn dvica e AB, T, ov usifov o AB:
Adyw, 8ty dav amwd To A B apoeedy psitov 4 o juiov
xel ToU xavadamopdvov petfov 7 o fuiov, xal Tovro
asl ylyvnrar, Aspjocral v péyedog, 0 Eovar EAadoov

16 Tov I peyédovs.

To I yop moAdemdaciatousvov E6rar mott 100 AB
petfov. memoddamadoidodw, xal 6tw 70 AE tov piv I
moddemwieoiov, vot 0% 4B usifov, xal dinerjodem 10 4E
&l te v I" loa ta AZ, ZH, HE, xol apnetjode dxd

20 uiv 100 AB psifov 4 10 fjuiev 16 BO, dno 0t ot AO
peibov 7§ 16 fuwov 16 OK, xel rovro ¢&l yyyvécda,
fwg dv of év 16 AB dwugéoag loomindeis yévovro
teis dv 1@ AE diagéosoiy.

"Eermday ovv of AK, K@, @B duipéscis leoniy-

o5 Dets ovoo vals AZ, ZH, HE' xal énel psifdv dote o
AE 1ot AB, xal éprienres éno utv tov 4E éecoov
vov fuicswg vo EH, dnd 0} tob 4 B peifov 1 76 fuiov

1. &loya V, corr. m. 2. Deinde add. xale/sdwoay Theon
(BFVb)., 2. fooe .  b. éxxapévey] ante avicov add. B
mg. m. 1. 8. def] alelF, del &v V2 ylnras V (7 e corr),
yéyverar b, ingdicerar Vh. 9. éoriv Theon (BF V).

Py



ELEMENTORUM LIBER X. )

quadratae iis aequales sunt, irrationales uocentur, in
quadratis ipsa latera, in ceteris figuris rectilineis eae,
ex quibus quadrata illis aequalia construi possunt.

L

Propositis duabus magnitudinibus inaequalibus si
a maiore plus quam dimidium subtrahitur et a re-
liqua plus quam dimidium, et hoc semper fit, magni-
tudo relinquetur, quae minor erit proposita magni-
tudine minore.

Sint duae magnitudines inaequales 4B, I', quarum
maior sit 4B. dico, si ab 4B plus quam dimidium
subtrahatur et ab reliqua plus quam dimidium, et hoc
semper fiat, magnitudinem relictum iri, quae minor
sit magnitudine I

Nam I' multiplicata aliquando magnitudine 4B
maior erit [cfr. V def. 4]. multiplicetur et 4 E magni.
tudinis I" multiplex sit, eadem autem > 4B, et J4E
in partes magnitudini I" aequales 4Z, ZH, HE diui-
datur, et ab 4B plus quam

K ©
4 1B i dimidium subtrahatur B@, ab
Z H A©® autem plus quam dimi-
d————t——riE

dium @K, et hoc semper fiat,
donec in 4B totidem diuisiones fiant, quot in JE.

flattov F.  zov)om.V? dyxeipévovb. éldrrovogF. 12
67 ore b. 13. xal — fuiov] om. P.  wal] (prius) xal dwo V. 14.
aled F.  ylyvezan v, yivnrae b, lmp&naetm V. dery V.

flazrov F. 16 1aq] dgo F. AB peyédovg Theon (BF VD).

19. &ls] m. rec. B. ano] om. V. 21. ywésdo P. 28.
taig] corr. ex zox m. rec. b.” 24, otv) om. b. Jrargéaig P,
sed corr. 26 HZ F.  Zgzew F. _ 26. to?] (alt) post ins.
m 1F 217, ng{ueoc b, np[covc V. 10 corr ex tov F

7 70 fjuov] tov nuloewg F, tov fjpiccog B
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70 BO, lowdév dga ©o HA Aoumot tov @A usitov
dotw. xal émel peifdv dotr 10 HA tovo @A, xal
aprienras tod ptv HA fpov o HZ, 7ot 0t @ 4 psifov
7 26 fuov ©0 OK, Aowdy dpa 6 AZ owmod tov AK
peitdy dotwv. loov 0t 10 AZ 6 I xal w0 I &
t00 AK psifov dorww. Elaceov dga vdO AK vov I

Kavoldeinsror dga and tov AB uspédovg 16 AK
uéyedog Eladoov 8y vob dxxsiudvov éddooovog peyédous
zov I Omep £0& Oeitar. — Opolwg 0% deydjoerar,
x&y fulon 17 Ta dpeigodusve.

p.

'Eav 8vo peyedav [éxxcipévov] avicov dvd-

- veatgovufvov dsl vov éAdocovog dmo ToU wEl-

15

20

fovog ©0 xaralsimopcvov undémore xavaperoy
0 meo favroD, acvuucroa foTaL Ta pEpid.

dvo yag ueyedav Sviwv avicwv tév AB, I'4 xal
é\decovog Tov A B avdvpaigovuévov agl tov éldecovog
ano tov pelfovog O meguisimouevov umdémors xora-
perTeslrd 16 mPod éavrot Adym, Ori devupcred ot TE
AB, T'4 pepéd.

E¢ ydp éori ovpustoe, peroioe v avte piyedos,
peTQElto, & dvvardy, xal &6tw t¢ E' xal o uiv AB
10 Z 4 xaraustgoty Aamerw Eavrov Elacoov vo I'Z,

2. dotiv] comp. Fb, 4ot BY. &n] om. V. 4. 9 zo
fjutov] vod fuiosos BV b, zob nulosog F. 7. waredélezzac Bb.
8. dynepévov b, flazrovog . 10. nulovn P, fpleca V.
Seq. demonstr. altera, u. app. 12. éxxepévor] mg. m.
1P avBvpaopévov V, corr. m. 2. 18. alel F. %la't-
tovog F. 16. zdd] o F, corr. m. 2. 16. xal dyrog Theon (BF VD).
17. flgrrovog F.  dv@vgaigopévov V, corr. m. 2.  aled F.
19, dony P.  21. #0ui] supra scr. ¢ V. =] om.F. 28



ELEMENTORUM LIBER X. 7

diuisiones igitur 4K, K®, @B numero aequales sint
diuisionibus 4Z, ZH, HE. et quoniam AE > 4B, et
a JE minus quam dimidium subtractum est EH, ab
AB autem plus quam dimidium B®, erit HJ > 6 4.
et quoniam HA > 6 4, et ab HA dimidium subtrac-
tum est HZ, a © 4 autem plus quam dimidium @K,
erit 4Z > AK, verum 4Z = I'. quare etiam I' > 4K,
ergo AK <TI.

Ergo ex magnitudine 4B relinquitur magnitudo
AK minor proposita magnitudine minore I'; quod
erat demonstrandum.

Similiter autem demonstrabitur, etiam si, quae
subtrahuntur, dimidia sunt,

- 1L

Si ex duabus magnitudinibus inaequalibus minore
gemper uicissim a maiore subtracta reliquum nunquam
praecedentem magnitudinem metitur, magnitudines in-
commensurabiles erunt.

Datis enim duabus magnitudinibus inaequalibus
AB, I'4 minor sit 4B, et minore semper uicissim a

maiore subtracta reli-

E H
ot A———=—=1B quum ne unquam prae-
z cedentem magnitudi-

r

nem metiatur. dico,
magnitudines 4 B, I'4 incommensurabiles esse.

Nam si commensurabiles sunt, magnitudo aliqua
eas metietur, metiatur, si fieri potest, et sit E. et 4B
magnitudinem Z 4 metiens se ipsa minorem relinquat

Z4] mut. in I'd m, 2 B, m. rec. b; 4Z e corr. PV,  {#lde-
dove P, sed « del.
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70 6 I'Z ©0 BH xavapstgovy Aanéro éaviov élaceov

‘w0 AH, xal totro d&l pwéedw, fwg ov Aagpdf T ué-

yefog, 6 doniy Eladdov tov E. yeyovérw, xal Ashslpbam
16 AH £accov vob E. émel ovv ©d E 16 AB pergel,
dAda 10 AB 10 AZ pevgel, xal vo E doa 10 Z A pe-
Toros. uerpsl 0% xal Siov ©6 I'A* xol Aowmov &pa
16 I'Z pevgijos. arde ©0 I'Z ©6 BH pevgst” xal to E
Zoa 10 BH perpel. peroel 0% xal GAov 10 4B xal
Aouwdy Goa t0 AH perenoe, ©o peitov 10 Eladoov
Omwsp Zotly advvarov. ovx Gpa ta AB, I'd peyédy
peTerioee tu uéyeBog: acvppstoa dpa fotvl ta AB, I'd
pepédn.

’Eav &pa 8v0 peyeddv dvicwv, xal ve EEfg.

Y.

Advo peyedov cvppértpov dodéviov o pé-
PLETOV aVTGY %0v0v pérgov svVQEiv.

"Eoto ta dodévre dvo uepidny ovpuctoata AB, I'4,
@y &lacdov 16 AB* det 0% tév AB, ['4 ) pépisrov
x01vdv psrgov svgslv.

To AB pag uéyedog 7ror uevgel ©6 I'A 4 ob. &l
pdv oty psrgsi, pergel 0% xol faxvrd, 16 AB dpa TGV

1. BH] in ras. P, mut. in B4 B m. 2, in 4B m. rec.; H
ecorr V. 2. yeyvéoBo F. 1nepdf BVb., 8. forar P.  flaz-
tov F. elljpbo V. 4. zd](pr)zov F. 6. Z4P. Zg
mut. in AZ”V, 4Z BFb. 8. BH] HB P.  pereei] (.prius;
supra m, 2 F. 10. dot/v] om. V. ~ 11. Post ¢ ras, 1 hitt. V.

dovtv P. 13, peyeddv dxueipévor F.  nal to éEis) Omee

A
£02. deibor V (post éfijs add. @ b); éxxepévor dviowy dro-
vporgovpévov ael Tod éldosovog amd tov pelfovog O natalsi-
mopevoy pndémote navapetef 0 meé favrtod, dovupsren fotal
to peyé@n m. 2 V, del. ¢vicoy lin. 13. 17. forwoay F. ovpu-
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I'Z, I'Z autem BH metiens se ipsa minorem relin-

quat 4 H, et hoc semper fiat, donec relinquatur magni-

tudo minor magnitudine E. fiat et relinguatur 4 H < E.
iam quoniam E magnitudinem 4B metitur et 4B
magnitudinem 4Z, etiam E magnitudinem Z A metitur.
uerum etiam totam I'4 metitur. itaque etiam reli-
quam magnitudinem I'Z metietur. sed I'Z magni-
tudinem BH metitur. quare etiam E magnitudinem
BH metitur. nerum etiam totam 4B metitur. quare
etiam reliquam 4 H metietur, maior minorem; quod
fieri non potest. itaque magnitudines 4B, I'4 nulla
magnitudo metietur. ergo magnitudines 4B, I'A in-
commensurabiles erunt [def. 1).

Ergo si ex duabus magnitudinibus inaequalibus,
et quae sequuntur.

III.

Datis duabus magnitudinibus commensurabilibus
maximam earum mensuram communem inuenire,

Sint duae magnitudines datae commensurabiles 4 B,
I'd, quarum minor sit 4 B. oportet igitur magnitu-
dinum 4B, I'd maximam mensuram communem in-
uenire.

Nam magnitudo 4 B magnitudinem I'4 aut metitur
aut non metifur. iam ei metitur, et se ipsam quoque

peroe peyéfn V. 18, flaztoy F. 20 ys’ye&og om. Theon

(BFVh). fito] m. rec. P. 21. Post ooy add. 0 4B o

I'd V.  pereei] (prius) supra m. 1 B,  «vzd B, corr. m. 2.
tév AB, I'd] om. V.
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AB, I'd xowov pérgov fovlv' xal pavegpdv, ot xal
uépiorov. usifov yag rov AB upsyédovg 16 AB oV
RETENOEL.
My pevgelro 07 16 AB 6 I'd. xal evdvgaigov-
b5 pévov asl tov ldecovog dmd vov pelfovog, TO megtL-
Aeumbpevov pevprjost wot: 1O PO favrov ik TO Y
slvar aovpuetoa 1o AB, I'd: xal ©o ptv AB 10 E4
xotauctgoty Aanérm favrov Eleceov 1o EI, 70 0
ET tl ZB xavapergovv Aamérm fevrov Elacsov o
10 AZ, ©6 0% AZ ©d0 I'E perpsito.
'Enel ovv 10 AZ t©d I'E pergsel, dida ©o I'E 7o
ZB perget, xal t6 AZ dga ©0 ZB peverjos.. perost
0! xal favro’ xal GAov dga 10 AB pergiics 10 AZ.
aila ©6 AB 10 AE pevosi xal 1o AZ &g 10 EA
15 pergnoe.. uevel 8¢ xal 1o LE" xal dov doa 10 I'd
peroel 10 AZ dpa 1iv AB, I'd xowdv péroov dotiv,
Aépw O1j, Ove xal péyiotov. & yao wv, fotow T ué-
yedog psitov vov AZ, § uetprios va AB, I'd. &orw
0 H. émel obv v0 H v0 AB perget, alia to AB
20 70 E A pevgel, xal 70 H doa ©d6 EA pergros. pergel |
0% xal 8dov o I'd* xal Aowwdv doe t6 I'E pergrioe
0 H. dida 70 T'E t6 ZB perpel’ xel vo H dpa
©6 ZB pergrost. ustpel 0% xal Glov 10 AB, xal
Aoumov o0 AZ pevoros, 10 peitov ©o EAacoov: Omeg

1. éau’v} comp. F, Zot/ Bb, dotl tav 4B, I'd V. nué] {
(alt.) péroov éori V. 4. xar'] om. BFVb., dasv8vpargopévor V,
sed corr. m. 2; dvdvpargdusvoy F.  b. def] e ael Vb, doa F,
om. B (dox def m.2). 8. z6 EI' — 9. flagoov] m. 2 B.  10.
0t AZ) AZ 8¢ P. 13. pergrioer — 14. AB] mg. m. 1 P. 14,
Post AZ ras. 1 litt. V. 16. peroei] peronoer F. Deinde add.
Theon: 6 AZ &ga ta AB, I'd pergel (BF Vb); idem m. rec. P.
doa} om. p.  for{ BV, comp. Fb.  18. zd] 6 B, corr.
m. 2. Post I'J add. petosizo xai V, sed punctis del. 20,
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metitur, 4B magnitudinum 4B, I'd communis est
mensura. et adparet, eandern maximam esse; nam mag-
nitudo magnitudine 4B maior 4B non metietur.
itaque ne metiatur 4 B magnitudinem I'd. et mi-
nore semper uicissim a maiore subtracta reliquum
aliqgnando magnitudinem praecedentem metietur, quia
AB, I'4 incommensurabiles non sunt [cfr. prop. IIJ.
et 4B magnitudinem EA4 metiens se ipsa minorem
relinquat EI, EI" autem Z B metiens se ipsa minorem
relinquat 4Z, et 4Z magnitudinem I'E metiatur. iam
quoniam 4 Z magnitudinem I'E metitur, I'E autem Z B,
etiam 4Z magnitudinem ZB metietur. uerum etiam
se ipsam metitur. gquare etiam totam 4 B metietur 4Z.
sed 4B magnitudinem JE metitur. itaque etiam A4Z
magnitudinem EJ metietur. uerum etiam I'E metitur.
quare etiam totam I' metitur. itaque 4Z magnitu-
dinum 4B, I'4 communis est mensura. iam dico,
eandem maximam esse. nam si minus, magnitudo erit
maior magnitudine 4Z, quae 4B, I'4 metiatur. sit
H. iam quoniam H magnitudinem 4B metitur, et 4B
magnitudinem E4 metitur, etiam H magnitudinem
E 4 metietur. uerum etiam totam I'4 metitur. quare
etiam reliquam I'E metitur H. sed I'E magnitudinem
ZB metitur. itaque etiam H magnitudinem ZB metitur.
uerum etiam totam 4B metitur et reliquam 4Z me-

EA]P(prius) 4E P, 21. ual] (alt) om. V. 23. o] (alt.)

oy 24, loimoy doa
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Zotiy ddvvarov. o¥x doa peifov Tu péyedog tov AZ
v AB, I'd pergrios: 10 AZ dgu tov AB, I'd 1o
uéytotov xowov uroov éotiv.

dvo dga peyedov ovuuiroov dodévrav tdv AB,

5 I'd 16 péyiorov xowdv uéroov nlonrar: Omep £de
dzikar.
Idgiopa.

’Ex 07 rovrov pavegdv, Oti, fav udysdog dvo ue-

yEdn perer, xal T péyiorov adrdv xowdv uérgov
10 petgyoeL.
&,

Toiov pepeddv cvuuirpov dodéviav 7o
uéyiorov adtdy xowwdv piétgov evgeiv.

"Eoteo ta Sofdvia tole peyédn ovpperoa 1a A, B, I™

15 0ct 07 tdv A, B, I' ©0 uéyiotov xowov pérgov ebpsiv.

Elijpdo yap 8vo tov A, B 6 uéyotov xowov
uérgov, xal fotw to A4 ©o Oy 4 0 I firor perosl 1
oD [ueroet]. pergesliro modregov. émel ovw TO A O
I pevoet, pergel 0% xal e A, B, 10 4 dga ta A, B, I’

20 wergels 0 4 dga tédv A, B, I' xowwov uérgov fotiv.
xal @avegdv, Ot xal péyiotov' peifov yag Tov A
pepédovg ta A4, B oY pergel.

1. oviv] om. F.  peifov] supra scr. m. 1 P. 1 peitoy F,
sed corr. 2. ueyédn uererjoes Theon (BFVDL). 4] (alt)
m 2 F 8. éor/ BVDb, comp. F. 6. pérgo P, sed corr.

evonras P. Deinde add. z6 A4Z V, sed punctis notat. 6.
deitar] mosicon B et b (mg. ye. d‘u‘gwp Ol Oeckar F (mg. m. 2:
0. motioat). 9. pezey] -7 in ras, P. 15. Ante des ras. 1
itt. P.  16. dvo] om. V.  17. §%] m. rec. P.  18. prroel
om. P. 19. peroed 34 — 20. pereei] mg. m. 1 P, 20, 4 &oe
8t 4 P. tav] -v postea add. F. oz BV, comp. Fb. 21,
xal] (alt) om. BVb. 22, péyefog Fb. Post B ras. 1 litt. V.

Post peroes add. el yap Svvaroy, perosirom ta A, B, I' peifoy
tov 4 (ueyéBovs add. V) 6 E- xci &nel ta A4, B, I' pevesi,
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tietur, maior minorem; quod fieri non potest. itaque
magnitudo maijor magnitudine 4Z magnitudines 4B,
I'4 non metietur. ergo 4Z magnitudinum 4B, I'd
maxima mensura communis est.

Ergo datis duabus magnitudinibus commensurabi-
libus 4B, I'4 maxima mensura communis inuenta
est; quod erat demonstrandum.

Corollarium.
Hinc manifestum est, si magnitudo duas magnitu-
dines metiatur, eandem maximam earum mensuram
communem metiri.

IV.

Datis tribus magnitudinibus commensurabilibus ma-
Ximam earum mensuram communem inuenire.

Sint datae tres magnitudines commensurabiles 4,
B, I oportet igitur magnitudinum 4, B, I' maximam
mensuram communem inuenire.

Sumatur enim duarum magnitudinum 4, B maxima
mensura communis [prop. III] et sit 4. 4 igitar
Al ., magnitudinem I' aut metitur aut non
metitur. prius metiatur. iam quo-
r niam 4 magnitudinem I' metitur,

4 g gz ¢tetiam 4,B metitur, 4 magnitu-

t—— +— +—t dines 4, B, 'metitur. 4 igitur magni-
tudinum 4, B, I" communis est mensura. et adparet,
eandem maximam esse; nam magnitudo maior magni-
tudine 4 non metitur 4, B.

Bt

%al ta A, B perericer nal 16 oy A4, B péyiotov xowov (xouvdv
péyioroy V) péroov 10 4 tostpﬁaa; (uererioss ©0 4 V) 10 peitov
0 flatroy (flagsov V). omse dromov Loty (ddvvaror V) V et
mg. m. 2 B.
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My perpsirm O ©0 4 16 I Adyo mparov, dme
ovupsred ot ta I, 4. émel yao ovpucrod foti te
A, B, I', uetorjoes v adra uéyedog, 8 dniady xal ta
A, B pergnoe dore xel vo tov A, B péyierov xowdv
uérgov ©6 4 pevoroe. upevpel 0 xel 10 I dore 1o
elonuévov uéysdog pevpros va I, 4 ovpuctpe doa
dovl ta Ty 4. elhjpdo oy atray o péyietov xowdv
uérgov, xal é6tw 10 E. émel ovw ©d E 10 A pevgel,
dide 10 4 va A, B pevgel, xal 10 E doa ta A, B pe-
To1j0s. pergel 0% xal vo I 0 E &oa ta A, B, I'
uerpel’ to E &pa tav A, B, I" xowvov éoti péroov. Aéym
01j, Ote nal uépiorov. &l pap dvvardy, f6rw T tov E
uetfoy péyedog vo Z, xol pergsitm ta A, B, I xal
énel v0 Z ve A, B, I' pergel, xal v A, B Goa pergrioe
xel 6 Tdv A, B péyiotov xowdv uérgov uergroe. o
0% tov A4, B uépierov xowwdv péroov éotl ©6 4° 10 Z
fga 10 A pergel. upetpel 02 xal ©6 I T0 Z doa
vo Iy, 4 peroei® xal vo tov I'y 4 dga uépiotov xowwdy
pévoov uevonos vo Z. &oti O vo E° 10 Z doa 10 E
pergnost, ©o peifov o Flagoov: Omep feriv ddvvarov.
ovx apo usitéy T vov E peyédovs [péyedog] va 4, B, I
petgel 10 E dga tév A, B, I" ©d péyiorov xowov usroov
dotiv, éav py petel 16 4 16 T, éaw 8} perpy, avroto 4.

1. éremearoy F. 2. fori] (alt.) Zomv P. 4. peroel V. 6.
peterjoee to 4 F,  Post dore ras. 2 litt. V, 6. pergsl V.
7. éau'l? elalv P. ovv] om. BFVb. 6] m. rec. P. 8.
xal] om.F. forw z6 E] mg.m.2F. 9. pergei — 4, B] om. F.
petonose ] petoel V. 10. 0 E — 11. pereei] om. Theon
(BFVb). 11, pérgov éovd V. éomuv P. 14. peteel] supra
scr. F.  doa] om. BFVb, 15. B] Bédga BFb. 16. uéyiorov]
m. rec P, 17. peresi] (prius) corr. ex pereroer m, rec. P.
18. t¢] vo b.  19. vo Z. Zove 0% 70 E] mg. m. 2 F; ©o Z°
6 8% tav I, 4 péyiaroy xotvoy pérgoy dotlzo E V. 20. peresi’ V.,
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iam ne metiatar 4 magnitudinem I'. prius dico,
I, 4 commensurabiles esse. nam quoniam A4, B, I
commensurabiles sunt, magnitudo aliqua eas metietur,
quae nimirum etiam 4, B metietur. quare etiam maxi-
mam earum mensuram communem . metietar [prop.
IIT coroll]. uerum etiam I" metitur. quare magnitudo
illa I, 4 metietur. itaque I', 4 commensurabiles sunt.
sumatur igitur maxima earum mensura communis
[prop. III] et sit E. iam quoniam E magnitudinem o
metitur, et 4 magnitudines 4, B metitur, etiam E
magnitudines 4, B metietur. uverum etiam I' metitur.
E igitur 4,B,I'metitur. E igitur magnitudinum 4, B,I"
communis est mensura. iam dico, eandem maximam
esse. nam si fieri potest, magnitudo magnitudine E
maior sit Z et metiatur 4, B,I. et quoniam Z magni-
tudines 4, B, I metitur, etiam 4, B metietur et maxi-
mam earum mensuram communem [prop. IIT eoroll].
maxima autem magnitudinum 4, B mensura communis
est 4. Z igitur 4 metitur. uerum etiam I' metitur.
Z igitur I', 4 metitur. quare etiam maximam earum
mensuram communem metietur [id.]. ea autem est E.
Z igitur E metietur, maior minorem; quod fieri non
potest. itaque magnitudo magnitudine E maior 4, B, I"
non metitur. E igitur magnitudinum 4, B, " maxima
est mensura communis, si 4 magnitudinem I" non me-
titur, sin metitur, ipsa A.

| | .

21. & 4, B, T :Letpsi ;ns'ys&oc F. péye@os) m. rec. P. 1«]

t B, sed corr. I'| I', 4 (eras.) peyédy V.  22. 4] (alt.)
m 2 F, 23 Ziv] dv P.
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Towoy dou ueyeddv ovupéreoy Jodévimv To ué-
yiotov xowwdy uéroov nvgyrar [Omsp £0s Selbeu).

Hogiopa.

Ex 07 tovrov gavepdv, 8ti, ddv udyedog roim ue-
yédn peveli, xal 1O uépiorov avTdy xOWOV uErgov
ueTonosL.

Opolwmg 07 xal énl mieadveov to péyiotov xowdv
péroov Angdioerar, xal TO WOQLOUX TPOYWQIOEL. OMEQ
Edee deikou.

4

g

Ta cvupcroe mepédn medg dAlnia Adpovw
Eyee, Ov doLBuds modg doLdudy.

"Eote evpustoe ueyédn te A, B* Aédyw, Ot 10 A
npog 70 B Adyor Fye, Ov deududs meds deiBudv.

’Emel pap ovupsctod ot va A, B, peroroe v avra
uéyedog. pergeirm, nal éote to I nal 66dwig 16 I
70 A pergel, TocavTon povadeg EoTmony v Te A, 66dxg
0t ©6 I' v B pergel, rocatrow povddeg forwcay év 16 E.

'Exel odv ©6 I' 10 A perpel xave vég v 16 A
povadag, pergst 0% xal ) woves rov A nara tag v
avtrd povadag, leaxig doa 7 woveg Tov 4 ustoel doud-
pov xal 16 I' pépefog 10 A° Eorwv &oa ddg 16 I' mpog
0 A, ovtwg 1 povdg meds Tov A° avamalw &gu, o
10 4 mpdg 10 Iy otrwg 6 4 mgog v povalde. oAy
énel ©0 I' ©0 B pevgel xata tég év vp E povddoag,

2. ebonren P, moufjoar B et F (supra ser. dsifar). 4.
y.s'ye&m F. 5. psteov] supra scr. . 7. 84 BVh. 8. lag-
#nosrae F. onsp £a Oeifor] om. Theon (BFVb). 15.
oy P. B .peyédn F. 20. zov] o Bb. 21, pstqndu b.

Godpév] om. V. 22 xal] xera F.  28. 76v] ©6 B. 25,
t6 E] corr. ex avré m. rec. b,
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Ergo datis tribus magnitudinibus commensurabili-
bus maxima mensura communis inuenta est.

Corollarium.

Hinc manifestum est, si magnitudo tres magnitu-
dines metitur, eandem maximam earum mensuram
communem metiri.

Iam similiter etiam in pluribus maxima mensura
communis sumetur, et corollarium quoque progredie-
tur. — quod erat demonstrandum.

V.

Magnitudines commensurabiles inter se rationem
habent, quam numerus ad numerum.

Sint magnitudines commensurabiles 4, B. dico, 4
ad B rationem habere, quam habeat numerus ad nu-
merum.

Nam quoniam 4, B commensurabiles sunt, magni-
tudo aliqua eas metietur. metiatur et sit I. et quoties
I’ magnitudinem 4 metitur, totidem unitates sint in
4, quoties autem I' magnitudinem B metitur, totidem
unitates sint in E.

iam quoniam I" magnitudinem 4 secundum unitates
numeri 4 metitur, sed etiam unitas numerum 4 se-

4 B r cundum unitates eius metitur,
T = " yunitas numerum 4 et I'magni-

—4 tudinem A4 aequaliter metitur.
—E itaque I': 4 = 1:4 [VI
def. 20]. e contrario igitur [V, 7 coroll.] 4: I'=4:1.
rursus quoniam I’ magnitudinem B secundum uni-

V. Alexander Aphrod. in Anal. pr. fol. 87.
Euclides, edd. Heiberg et Menge. III 2
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perpel 0 xal f poveg tov E xata vag év avid po-
vadag, ledug &dpa 1 wovag tov E pergel xal o I
10 B fenv dga og o I’ mpdg ©6 B, obrwg i wovag
npds tov E. 20ely®n 0} xal g t6 A mpog vo I, 0 4
nQ0g T povade: 8¢’ leov doa orly g 10 A medg v B,
ovtag 6 A agududs medg Tov E.

Ta Zga cvpusroa ueyédn ta A, B mpdg &Ainie
Adyov Eget, ov agududg 6 A mpog deuduov vov E* omep
&0er Oeitar.

¢

'Ecv Vo peyédn meog &Adnila Adyov &xm,
Ov 2idudg meds dpotdudv, cvpuscroa f6Tar Ta
peyédn. '

dvo yog pspédn ve A, B xgdg &Ainie Adpov éfrm,
ov doududs 0 4 medg agdudv tov E* Adya, 8t ovu-
uerea éote ta A, B pepédq.

Ooar pep elow v td A povadeg, elg rooaita lGu
dienede 10 A, xal vl alrov leov éotw v0 I Gomu
0¢ elow év te E povddeg, éx todovtov uepeddv loav
v I ovyxelodo ol Z.

‘Enel ovv, Goaw slolv év 1 A4 povddsg, todaird
elov xol v ¢ A peyédn loa v Iy 0 doa pépog doriv
7 povag Tov A, 10 avrd pépog dotl xal o I' tov A
Zotww &ga @g 16 I' mpds 10 A, oVrwg ) movag medg
tov . petgsl 8% ) povag tov 4 agudpov uetoel
dga xal ©0 I' 10 A. =xal el dovwv g 70 I moog
16 A, oltog 1 povag mwedg tov A [aguBudv), avimadiw
dga g 10 A mpog ©0 I', oltwg 6 A agiduog moog

3. 6] (pr) v P. 4. o%tmg 6 V. 1. meos &Mnia] mg_
m.-1P, 11, #yee b, 14, Y0 yde peyédn] mg. m. 1 P.
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tates numeri E metitur, sed etiam unitas numerum E
secundum unitates eius metitur, unitas numerum E
et I magnitudinem B aequaliter metitur. itaque [VII
def. 20] I':' B==1: E. demonstrauimus autem, esse
etiam 4: I'= 4:1. itaque ex aequo [V,22] 4: B=4: E.

Ergo magnitudines commensurabiles 4, B inter se
rationem habent, quam numerus 4 ad numerum E;
quod erat demonstrandum.

VI

Si duae magnitudines inter se rationem habent,
quam numerus ad numerum, commensurabiles sunt.

Duae enim magnitudines 4, B inter se rationem
habeant, quam numerus 4 ad numerum E. dico, 4, B
magnitudines commensurabiles esse.

y B r nam quot sunt in A
F———+— —+—— = |, unitates, in totidem par-
4 2 I tes aequales diuidatur 4,
—E AR et uni earum aequalis
sit I quot autem sunt in E unitates, ex totidem
magnitudinibus magnitudini I"aequalibus componatur Z.

quoniam igitur, quot sunt in 4 unitates, totidem
etiam in 4 magnitudines sunt magnitudini I" aequales,
guae pars est unitas numeri 4, eadem pars est etiam
I’ magnitudinis 4, itaque I': 4 = 1: 4 [VII def. 20].
uerum unitas numerum 4 metitur. quare etiam I’

meos dilnia za A4, B V., 15. tév}’ t () F, w6 o. 21.

tocavzas V, ¢ eras.  22. eloi] dorv P.  foaw V, . eras. 23.

4 apduod F. 6] (alt) 8 P, in ras. V.  tov] e corr. V,

25. 4 apudpdv F. Post povag ras. 4 litt. V.  26. nal émel

xal V. 0] 6 P. 27. aBpov] om. P, corr. ex detdpds F.
9%
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v povdde. mdAiv émel, oo eloly év ve E povadeg,
rocatrd &loe xel év v Z low tg I'y, &ovww Gpa o
26 I' mpdg 70 Z, ottwg 7 povas medg tov E [aeidudv).
&0ely®n O xal dg ©0 A medg 10 Iy otrwg & A meodg
v povade 8. leov doa éotly mg tO A meds 1o Z,
ottwg 0 4 meog tov E. dAX dg 6 4 meog tov E,
odtwg o1l 10 A medg 10 B* xel g &pa 0 A medg
©0 B, otrwg xal medg ©0 Z. 16 A dpa medg éxdregov
tév B, Z tov adriv s Adyov* [oov Goa fotl 0 B
@ Z. pergel 02 vo I' ©0 Z* pergel doa xal 7o B.
alde pyv xal ©o A° 10 I' dga ta A, B pergei. ovpu-
usrgov &oa fotl 0 A 1 B.
'Eqv dga V0 pepédn meog GAdnie, xal te £Eig.

Mégiope.

"Ex 07 tovtov @avsgdv, Oti, dav @e6r dvo deiduol,
ag of 4, E, nal ebdela, ag 1 A, Svvardy ovt morijoar
©og 0 4 apdudg medg tov E agdudv, otrwmg v
evdelay medg evdelay. doav O} xal tov A, Z péoy
dvadoyov Angdf, og 7 B, forar g 1 A medg iy Z,
oltwg T0 amd viig A medg o amd ThHg B, rovtéetw
g ) TPEITY TEOg THY TELTNY, 0DTOE TO ANO THg MEWTNG
meog T0 amd tijg dsvrépag TO Opoiov xal Opolwg dve-
yoagiusvov. dAl og v A meog v Z, olrwg oty
6 4 agiPpog meds tov E doidudv: pépovev dga xal
g 0 A doBuds mweds tov E agidudv, otrms to amo

1. elolv] elol nal V. 2. rocatrar P, et FV, sed corr.
sloww P. Z peyéidn F.  loaw V, sed corr. 8. doududy
om. P. 4. 1¢)(alt) tov b. 6.76] 6 B. 6] rov Bb. 6. all
xal V. 6] postea ins. m. 1 F. ~ 7. dov/J om. V. 8. nas
w0 A4 F. 9, 1évyoy P, sed corr.  il. p.n'v]] pereei P, wo
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magnitudinem 4 metitur, et quoniam est I: 4=1: 4,
e contrario [V, 7 coroll.] erit £4: = 4:1. rursus
quoniam, quot sunt in E unitates, totidem etiam in Z
magnitudines magpitudini I" aequales sunt, erit I': Z
== 1: E[VII def. 20]. demonstranimus autem, esse etiam
A:'==4:1. itaque ex aequo [V, 22] est £: Z == 4: E.
uverum 4:E==4:B. quare etiam 4:B = 4:Z. A igi-
tur ad utrumque B, Z eandem rationem habet. ergo
B=2Z[V,9]. I' autem Z metitur; quare etiam B me-
titur, uernm etiam 4 metitur. I igitur 4, B metitur,
itaque 4 et B commensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
guuntur.

Corollarium.

Hinc iam manifestum est, si duo numeri sint 4, E
et recta 4, fieri posse, ut faciamus, ut J: E, ita rec-
tam ad aliam rectam. sin rectarum 4, Z media pro-
portionalis sumitur B, erit 4:Z = 4%: B% h. e. ut
prima ad tertiam, ita figura in prima descripta ad
figuram in secunda similem et similiter descriptam
[VIL, 20 coroll. 2, cfr. V def. 9]. sed 4: Z = 4:E.

sl zo IV, 12. foriv P.  B] e corr. V. 18. xal 7o
eﬁqg] loyov fye1, Ov doududs meos aq:&yov, aduperoa forar ta
yeys#n Omep Edss dsikon V. 16. aog) m. 2 I'l" evdeioe F.

7 4] e corr, V. 17. 6] ©é» V, supra scr. m. 2 F, 4]
om. BFb. aqu&y.ov FV. E)] om. BFb; mc tov 4 dofpov
meos_tov E coifpdy m, 2 B. iy} om. V, § P; del. m.
rec. B. 18, w#uav]ﬂ-av eras. V, evPeix P. sv«hmv] /14
e@eiev V et m. rec 19, Z] B B, sed corr. 21. og
og sze@? V.  mewrn] supra add. & F, ¢ PBVb.  rolrrw] §
7Pbetcorrexy Bm. 2 ({ m. Jrec.); supra add yF.  mearwxs
@ P. 24, doubpdy] corr. ex duBuds yéyovey &ga] supra
scr. m. ree. F.
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viig A evdelag medg TO dmd thg B evdelug: Gmep Eeu
detta.
g.

Ta acvppcrpa ueyédn medg &AAnia Adyov
ovx Eye, Ov aQuBpds medg aoLdud.

"E6to devpustoe ueyédn vé A, B* Adyw, (ti t6 4
7pog 0 B Adyov ovx s, Ov deududg meds deuducw.

E¢ yag &e 10 A medg 10 B Adyov, ov dotdpog
7eog aoududy, ovpusrgov fotar ©0 A T B. ovx foru
0 ovx dpa 16 A medg ©d B Adyov Eys, ov apidpog
w0 agiducy.

Ta dpa acvupperoa pepédn modg &AAnia Abyov ovx
&yer, xal T EEf.

’

7.

Eav 8vo peyé®n mwoog GAAnAa Adyov uqy &x7,
ov doidudg meog dgidudv, devppsrea foTar
T peyédn.

dvo yag ueyédn ta A, B meog &iinla Adyov uq
é1érm, Ov aguipds medg deududy: Adym, Gt aovpusted
gott ta A, B pepéd.

El yop Eovar ovppctoa, ©6 A mpog to B Adyov
e, ov a@ududs meds duBudv. odx Eye 0L dovu-
perpa dpa fotl to A, B peyédm.

Eav coa 0vo psyédn mpdg &Adnia, xal va éEfs.

1. 4 evfeleg] in ras, m. 1 b. dmee e Seifar] om.
Theon (BF VD). eq demonstr, alt.; u. app. 5. Post deidudy
ras, 8 litt. V. 7. 0] ins. m. 1 F 9. Ante forau jras. 1

litt. F.  fouw BF.  10. yg. 70 4 a(m noog o B idyoy ovx fren
mg. m. 1 b 12. avmntpa b.  Adyoy odx fye meog &Ainla

Eb 18, xal =& 55'7‘3 om. F (in mg. quaedam erasa), ov
aquﬂpoc Qo apuﬂy.ov BVb.  20. douv P, foree V. 21 yae
ovppsroy €01 76 A 16 B Theon (BF Vb). ‘22, freeb. Ovmee V.
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itaque inuenimus 4: E==A4%: B®. — quod erat demon-
strandum.
VIL

Magnitudines incommensurabiles inter se rationem
non habent, quam numerus ad numerum.

Sint magnitudines incommensurabiles 4, B. dico,
A ad B rationem non habere, quam habeat namerus
ad numerum.
4 Nam si 4 ad B rationem habet, quam

numerus ad numerum, 4 et B commensurabiles

———  erunt {prop. VI]. uerum non sunt. itaque 4
ad B rationem non habet, quam numerus ad numerum.

Ergo magnitudines incommensurabiles inter se ra-
tionem non habent, et quae sequuntur.

VIIL

Si duae magnitudines inter se rationem non habent,
quam numerus ad numerum, magnitudines incommen-
surabiles erunt.

4 Duse enim magnitudines A4, B inter se
',_, ' rationem ne habeant, quam numerus ad nu-

B merum. dico, magnitudines 4, B incommen-
surabiles esse.

Nam si commensurabiles sunt, 4 ad B rationem ha-
bet, quam numerus ad numerum [prop. V]. uerum non
habet. itaque magnitudines 4, Bincommensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
quuntur.

doiBudv] corr. ex defpds m. 1 P. 23. 401ty P. 24.
fdv — peyidn] om. F. moog dlinla] bis b.  xal 1a EE7g]
Adyow p7 &ry, Ov dguBucs meog deiBuoy cevuucrea forar V.
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9.

Ta amo thv pixes Cvupuitooy evdeiodv te-
todyova weds dAAnde Adyov &yec, Ov Tevod-
yovog ¢eiduds weog TETPAY@YOY dQLIudy” xal

bTa tetodyove Tt medg GAAnde Adyov Eyovia,
0V TETQEYWVOg 2P udg wPOg TETQEY@VOY dQi-
dudv, xal tag misvoag e prjxner svuuérpovs.
ta 02 amd TV pixss dovUuETQRV EVLELBY TE-
todyove meog &AAnde Adyov ovx £ye, Svmep

10 TETQAY@VOg G Ulg TQOg TETQPAYy@VOY AQuBudY”
xal ta tergdyova ta mwedg &AAnla Adyov um
fyovra, 0v teTQdymvog a@Lduds mPOg TETQU-
yovov aptdpov, 000t tag wAsvoag Efer prxee
cvuuérgovg.

16 “Eotwcav pag al A, B pijxer ovppergor’ Aéyw, Ote
T dmwd tijg A TeredywYov WEos TO Amd Tiig B TaTod-
yovov Adyov &yge, Ov teTpdymvos deuBuds meos Te-
TedyOvoV GOLEROV.

‘Enmel yao ovuueroog éovv 1) A tf) B pixer, A

20 doa mpog Ty B Adyov &ye, Ov doududg medg deidudy.
érérm, Ov & I' mpdg Tov A. émel odv éotw g 7 A
npdg v B, ofrwg 6 I' mpdg tov 4, dila tov udv
tijs A meog v B Adyov dumiaciwv Zetly 6 Tov dmo
tiig A teTpaydvov medg 10 awd Tijg B revodywvov:

25 T& pag opowx oyiuete év Oiumdaciove Adye éotl Tov
ouoddyev mAsvedy: tov 0} tov I' [aeudpov] meog
Tov A [dedudv] Adyov Suwdasiov 6tly 6 Tod amd Tov
I" tergaydvov mpog Tov dmd tov 4 rergaywmvov 0vo
yog terQaydvov doidudy &g péoog dvdioydy éory

8. medg alinia] supra scr. F. frp V, coot. m. 1. 4.
agfudg] supra ser. m. 2 B. 5. revpdymye zd] supra scr. m.
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IX,

Quadrata rectarum longitudine commensurabilium
inter se rationem habent, quam numerus quadratus
ad numerum quadratum; et quadrata, quae inter se
rationem habent, quam numerus quadratus ad nume-
rum quadratum, etiam latera longitudine commensura-
bilia habebunt. quadrata autem rectarum longitudine
incommensurabilium inter se rationem non habent,
quam numerus quadratus ad numerum quadratum; et
quadrata, quae inter se rationem non habent, quam
numerus quadratus ad numerum quadratum, ne latera
guidem longitudine commensurabilia habebunt.

Nam 4, B longitudine commensurabiles sint. dico,
A%: B® rationem habere, quam habeat numerus qua-
dratus ad numerum quadratum.

Quoniam enim A et B longi-

— 2 tudine commensurabiles sunt, 4: B
A rationem habet, quam numerus

— ad numerum [prop. V). sit 4:B

4 = I':d. iam quoniam A:B

==I": 4, et A*:B* duplex est quam ratio 4:B (nam
figurae similes inter se duplicatam rationem habent

2B 8 ovppétgmy b (corr. m. rec.), ¢; of seq. ras. F. 9.
év BFb. 10. agu&pov] om. V. 11. p7) Eyovea idyov V.

12, vmze V. 16, ydo] om. V. 16. zd] (pnus) supra scr.
m. 1 P remaymvov] (alt.) m, 2 com%F 17. ow:sq 21,
6v] o6y Gv Bb, ov¥ corr. in o9y G¥ F 2. I aguﬂyoc BVb
et e corr. F. 4 doubudy BFVb. 23 zijg] e corr. V. -

nlddiov V corr. m. 2, 24, vd] corr. ex zov V.  26. tov
(alt.) om. P, Supra scr. F. deadpot) om. P. 27. apwy,ov
om. P. o tov] o F 28. Post I" del. ngoc tor 4a P.

TerQaydvov] tetoayaoy' seq. res. 1 litt. F.  =dv] z¢ B. 29
péooy B, corr. m. 2.



b

10

15

20

25

26 ZTOIXEIQN /.

dotduds, xal 6 tevpdywvog mdg TOV TETEEy@VOY [doL-
Buov) dumdaclove Adyov Eys, fimee % mAsvea medg
v whevedy: Eoriv doa xal wg TO amd tig A reroa-
yovov medg 0 aml tiig B rerpdymvov, obrwg 6 dwo
rov I' tergayavog [doudpos] meog tov amd tov 4
[2ocduod] Tevodymvov [agududvy].

‘A 01 Eoto dg 10 dmo THg A TETEdY@VOV WEOS
70 qnd tijg B, oVtwg 6 amd tov I vergdymvog medg
T0v dmd 100 A |rerpdymvov]: Adym, Sti Gvppereds
doviv ) A i} B wixst.

‘Enel pdg dotiv dg ©o amd tig A TETRdyvOv WEOS
70 and tig B [tevpdyovov], obrag 6 amd tov I ve-
Tpdywvos medg Tov amd tob A [rerodymvov], ¢il o6
udv tov amo tijg A Tergaywvov medg to amd Tis B
[rerpayavov] Adyog dimdaclov dotl tob THg A medg
v B Adyov, 6 6% 10U anwd tov I [dgiduov] révoa-
yovov [doiduov] meog oV amd tov A [agiduot] ve-
todyovoy [agBuov] Adyog dumdacimv éotl tov vov I
[doiduod] medg Tov A [egdudv] Adyov, foriv doa
xel &g 7 A meog v B, ovrwg 6 I' [aeiduds] meds
tov 4 [dgududv]. 7 A dea medg tHv B Adyov e,
0v douBpog 6 I’ meodg douBudv Tov 4° cvuuergogs &ou
éotlv 9 A vfj B wijxse.

‘AAde 09 dolpuctgog Eotm N A tij B pixe Adyo,
Ote 76 amd vijg A Terdymvov mEdg TO amd g B [re-
tedyovov] Adyov odx &yei, Ov Terpaywvog a@iBudg
nPOg TETQUY@YOV AQLdudv.

El yap &gev vl amo vijg A revgdymvov medg TO
and g B [verpdymvov] Adyov, ov tevpdywmvog doud-

1. deufudy] om, BFVb. 6. I'] in ras. F, I" deidpod
FVb. deduds] om. P. 6. cebuod] om. P.  agudpudy]
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quam latera correspondentia [ VI, 20 coroll.]), et I'*: 4*
duplex est quam ratio I': 4 (nam inter duos numeros
quadratos unus medius est numerus, et numerus qua-
dratus ad numerum quadratum duplicatam rationem
habet quam latus ad latns [VIIL, 11]), erit 4%: B =I": 4%,

TIam uero sit A4*:B¥=TI":4% dico, 4 et B longi-
tudine commensurabiles esse,

nam quoniam est 4%: B ==TI": 4% et 4*: B? duplex
est quam ratio 4: B, I'*: 4* autem duplex quam I': 4,
erit A:B==1I":4. itaque 4 ad B rationem habet, quam
numerus I" ad numerum 4. ergo A4 et B longitudine
commensurabiles sunt [prop. VI].

Iam uero A et B longitudine incommensurabiles
sint. dico, 4*%: B® rationem non habere, quam habeat
numerus quadratus ad numerum quadratum.

gi enim A4*: B? rationem habet, quam numerus -
quadratus ad numerum quadratum, 4 et B commen-

om. P. 8. B rerpdywvor BVDb et e corr. F.  100] corr. ex
tijg V. 9. tereaywvoy] om. P. 11. A] in ras. b. 12, zz-
todyovoy] om. P. 13, tév] 76 b.  tereaywvoy] om. P. 14,
top] m. 2 F. 16] tov B, v0v vov F. 15, 'utpaywvov]] om. P,

16. doifuov] om, P.  zerpdymvos BV. 17, det@pod] om. P,
doudpcg BV. * deiduod] om. P. zeraydwov P.  18. deid-
pov] om. P.  dotiy P tot] om. V. 19. ¢edpov] om. P,

doududy] om. P.  20. douitpos] om. P, 21. qeuBudv] om. P,

22. 1oy ] m. 2 B, 25 4] corr. ex Bm. 1 V. TETQU-
yovoy] (alt.) om. P.  29. rergayovoy] om. P.



10

15

25

28 STOIXEIQN /.

pdg meds TeTrywvoy deududy, ovpustog forar 1 A
i B. o¥x foru 8¢ ovx &ga To amd vig A tETdy@VOY
mdg ©0 amd tiig B [retpdymvov] Aoyov Eyer, Ov Terga-
yovog diduds meds TeTodywvoy doLdudy.

Hdlw 81 16 amd tijg A tergdyovoy mpdg 10 4md
¢ B [tergdymvov] Adyov uy &yfrem, Ov rerpayovog
doududs meog terpdymvov agududv: Adym, Ot dovu-
uerpog dovw v A i) B pixee.

E¢ pdg éotu 6vpustgos 7 A vi} B, &e T dno Tijg
A mpdg 16 dnd Tijg B Adpov, Ov tsTpdywvos deiduds
npog TeTEdymvov dguBudyv. ovx Eqe 0é° ovx dgu
ovppstpds dotw n A tij B wijxe.

Ta &go amd todv wixes cvpuireov, xal ta éEfg.

Hépiopa.

Kol @avegov éx vov dedeaypévov Eotar, ot af
pijxes ovpperoor mavreg xol dvvaus, af 0 Ovvaus
oV mavrwg xal pixer [slmep T dwo TOV uyxEL Svu-
uérowv e0deimy Tergdywva Adyov EysL, OV TETPEYOVOG
doidudg meos TeTpaymvoy doududy, ta 0} Adyov Fyovra,
0v aguiudg meog douduov, ovuuerpe fotiv. @oTE af
prixes cvupergor evdelaw oV povov [elal] wajxer ovu-
pergol, alde xal Svvdouer.

neAw émel, Goa tergdywva mpog &AAnia Adyov Exe,
OV TeTdpVog deLduig eog TETEEYaVOY doLdudy, wixe:
é0eydn ovpperge xal dvvdper Ovre oUpueton TH T
retgdyove Adyov Eysw, ov aeududs moog apududv,
00a Goa terodymve Adpov ovx Eye, OV TETEEy@VOG
apduds medg teTpdywvov deududv, dli amAdg, oOv

2, Post B add. urxee m. 2V. s tetpaywvov] om P. 5.
4] om. b, 3¢ BFV. 6. tsredyovey] om. P. 8. dotv] o
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surabiles erunt. at non sunt. ergo .4°:B*® rationem
non habet, quam numerus quadratus ad numerum
quadratum.

iam rursus 4°:B*® rationem ne habeat, quam nu-
merus quadratus ad numerum quadratum. dico, 4 et
B longitudine incommensurabiles esse.

nam si 4 et B commensurabiles sunt, 4%: B?® ra-
tionem habebit, quam numerus quadratus ad numerum
quadratum. at non habet. ergo A4 et B longitudine
commensurabiles non sunt. )

Ergo quadrata rectarum longitudine commensura-
bilium, et quae sequuntur.

Corollarium.
Ex iis, quae demonstrauimus, manifestum est, rectas
longitudine commensurabiles semper etiam potentia

corr. F. 9. &l] in ras. P. forar P. 10. 4 tstoaywvov
BFb. B rerpayovoy BFb. 12, Post B add. aavmps:qog &oa
dotly 4 4 1 B FVb, B m. 2. 18. Post ovppérewv add.
sv&tww tet(m ove npoc allnla 1oyoy Fzﬂ, OV TETQUYWYOS a(wﬁ-
pos mwoog tEtpu;\ vov dquituéy V.  Post &7 c add. Theon: oxeg

£de: deifae (BFVD).  16. 1] fotw éx B foren] om. b.
17. ov] in ras. F, avp.y.npot o V. sl’usp COrT. exX 7meQ
m. 2 V. za] corr. ex toig m. 1 F. ost prxes add.

gel m. 2 B. ‘elol] om. P.  23. 3oc] oy P corr. mg. m. 1.

tetqayawa 167011 frea nqog aunla F. 26. uwaym:oc aod-
pog upos ﬂtpaymvov aq;ﬂp.ov BFVb. Post agy&pov add.
oloy 6 1 nal & E o 74!9 £ uqoc wor 1 Adyow oox Fyer, 3y nt(m-
yovog apu?p,oc ngog ntpa'ymvov aguﬂyov, avy.y.stpot 8 of ot £0-
Beics, dg’ oy avsyouqmaav, acvy.y.nqo( elowy" va yag tstgaynwu
aloya slow" amte ow of pyxee ovppeteor mzwmc xal dvvdpasr,
of 3 dvvdper o0 navros xal pnxu b. 28. ¢l BFV. anldg]
om. Fb, m. 2 B, 8v] ov freedg g BF VD,
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dguitpdg mdg dududv, ovppeten plv Forar avia to
rerpdyove Svvdpes, ovxére 0t xal prjxe’ @ote Ta iy
pijxee ovppeTer moévrog xal dvvape, te 0F Svvaue
0¥ mivtwg xal pixs, & py xal Adyov &yousv, Ov Ts-
Tpdymvog Goududs mEdg Teredywvoy aguducy.

Adyw O1, e [xal] af prixse devppstoor 0¥ mavtwg
xel Svvdues, énedineg of dvvaps ovppstool dvvaviar
Adyov uy Eqewv, Ov terpdyovog deiduos medg Terod-
yovoy deududv, xal due Tovro Ouvdues ovoar GUp-
peTQor unxer elolv aovuuergor. @ote ovy af T@ prjxee
a6vuusTeoL wavTwg el Svvdus, aile dvvavrar pnxe
ov0ar aovppergor Suvvduer slvar xel devpperoor xel
GUUUETQOL.

al 0} Svvaper acvpuETpoL KavTwg xal wixes aovyu-
petgor” & pag [elol] wixer 6dpuergor, Esoviar xal
dvvduer oVpueTol. UVmixewwror 0% xel acvuusrgor’
Omep dromov. af dgo Ovvdus acdpusreor moveg
xal pajxed].

Ajppe.

Aédsntar v toly agdunuixois, dtu of Ouoior Emi-
nedor dgedpol meds dAdjAovg Adyov Eyoveiv, Ov te-
Tpayovog aeududs mEOg TeTody@voy doitdudy, xal Ot
dav Ovo apuduol mpog dAdfiovg Adyov Ewow, ov
TeTQdyVog aguiuog weds TETEAy@YOY dQudpdy, Gpotol

énimedor aguBuol, tovtéetiv of w1 avdioyov Eyovisg
tog mAsvedg, medg dAijlovg Adyov ovx Eyovew, ov
TeTodyavog doiduds xedg TeTpdywvoy didudy. &l yag
étoveiy, Opoior émimedor Eoovrar Omep ovy vmOxsiTal.

1. coiudy wve V. pér] om. V. forar] elay BF,
{6ty comp. b; dome V, corr. in pév m. 2. avta] om. V;

4

<

5 elowy nimedoi. xal 07jAov éx rovrww, Ot of um Gporor
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commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine.?)

Lemma.

In arithmeticis demonstratum est, similes numeros
planos eam inter se rationem habere, quam habeat
numerus quadratus ad numerum quadratum [VIII, 26],
et si duo numeri inter se rationem habeant, quam
habeat numerus quadratus ad numerum gquadratum,
similes numeros planos eos esse.!) unde adparet, nu-
meros planos non similes (h. e. qui latera proportio-
nalia non habent [cfr. VII def. 22]) inter se rationem
non habere, quam habeat numerus quadratus ad nume-
rum quadratum. nam si habebunt, similes erunt plani;
quod contra hypothesim est. ergo numeri plani non

1) Quae sequitur p. 28, 17 — 80, 56 demonstratio corollarii
et superflua est et a sermone Euclidis abhorret. praeterea of-
fendit, quod plus demonstratur (1#yw 87 lin. 6), quam propo-
sitam erat.

2) Hoc nusquam demonstratur; sed est VIII, 26 conuersa,
qua etiam in IX, 10 p. 358, 19 utitur.

supra o ras. est. 2. Ante Svvduer add. tovréory of svBeias,
dp dv aveyoagnoay BFVb. ta] «f BFVb, 3. ovppereos
BFVb. za] «f BFVb. 4. Supra fyoiev m. 2: ta tet0d-
yova V, 8. xa/] om. P. 7. Post vvdps add. davp-
pezoor V., lnudrjnsp] dneds) yao P.  10. 6] om. FV. 11,
alla xef V. 12 o'v[uy,atqm xol devppezoor P. 14, paixes)
-n- e corr. P, 15, &loi] om. P, eleiv B, comp. b.  16. vxo-
neczar b, Post xal del. Svvapec F. 19, l7jppe] om. P, 20.
8n v F., Gz supra eer. m. 1 b, 21. ddyov moos ¢ilrlove
fyovary F.  &yovar P, corr. m. rec.  28. dvo] supra scr. m.
1 F. 25 Supra émimsdot scr. of ¢oidpol m. 1'b.  px) supra
ser. m, 1 V., 29, dmoxevrar P.
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ol doa u7y Opotor émimedor medg dAiijAovs Adyov ovx

10

16

20

25

&ovow, Ov TeTpaymvog aEuiuds P0G TETEEY@VOV
agidudv.
. .

Tf mooredsloy evBsia mpodevoely dvo &v-
Selag dovupétoovg, THY plv uixer pdvov, TRV
0% xal Svvduce.

"Eotw 1 mpotsdsica svdsla 7 A° Ol Oy v A
mpocevgely 0vo evdelag aovpusroovs, TRV udv wpixed
uovov, v 0% xal Svvduer.

‘Exxclodooay yep 0vo doudpol of B, I' meog di-
Ajdovg Adyov un Eyovreg, Ov TeTpdymvog agududs mPog
reTgdyovoy dgidudv, tovtéore uy Oporor émimsdor, xal
yeyovétm @g 6 B meds zov I', oUrwg 0 dmd tijg A
TeTpdy@VOY MPOS TO Amd Tijg A TETpiywvoy: uddousy
ydo® ovppcrgov Goa to amd tig A T and Tig A.
xal émel 6 B mpog tov I' Adyov odx e, Ov tetpd-
yavog agududs meds terpdymvov aguBudv, ovd’ dga
70 amo tijg A medg 10 amd wig A Adyov &yss, Ov Te-
Tedymvog deLduds medg TETQaywvoy Aeuudv: acvu-
uerog &pa dotlv 7 A 1] 4 pixe.  hjpde Tdv
A, 4 péen dvdioyov §) E* Eetv dpa ag f) A medg
v 4, oltwg ©d and Tijg A TETPdyOVOY MRS TO AXO
tijg E. dovuppsrpog 0€ dotiv f A tfj 4 prxer dovu-
uetgov &pe fotl xal TO amo tijg A Terpayovoy TG

1. dox pn) in ras. m. 1 P, odx] ine. m. 1 V. 3. Seq.
demonstr. alt., u. app. 6. ovppéreovs B, corr. m. 2. 7. wal]
ins. postea F. 8. 8¢l] 8- in ras. V. 10, ‘tﬁv})tﬁg P, corr.
m. rec.; tj V, sed corr. 18, tovréony P. ost Eninedos
add. . F, cui signo in mg. nihil reap.; in b seq. of yae dpoioc
inixedor meos cililovs loyov fyovay, Ov retgdywvog deiduog
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similes inter se rationem non habent, quam numerus
quadratus ad numerum quadratum.

X

Data recta duas alias inuenire ei incommensura-
biles, alteram longitudine tantum, alteram etiam po-
tentia.

Data recta sit A. oportet igitur duas alias rectas
inuenire rectae 4 incommensurabiles, alteram Jongi-
tudine tantum, alteram etiam potentia.

Sumantur enim duo numeri B, I', qui inter se ratio-
nem non habeant, quam numerus quadratus ad nume-
rum quadratum, h. e. plani non similes [u. lemma],
et fiat B:I' == 4%: 4* (hoc enim didicimus [prop. VI
coroll.]). itaque A* et 4* commen-
surabilia sunt [prop. VI]. et quo-
niam B:I" rationem non habet, quam
numerus quadratus ad numerum qua-
dratum, ne 4*: 4* quidem rationem
habet, quam numerus quadratus ad
numerum quadratum. itaque 4 et 4 longitudine in-
commensurabiles sant {prop. IX]. sumatur rectarum
A, 4 media proportionalis E. itaque 4:4 = 4*: E?
[V def. 9]. sed A et 4 longitudine incommensurabiles

f———
4| ————
Efr—n—uq

— B

——— I

7m0g tETQiyovoy duPudy; in V seq. die todiro, punctis del
m, 2. 16. zijg] Tov P. zijs] oo P. corr. ex B m.
1V,Bb. 19. AJcorr. ex 4 m. 1 F.  7eég] eupra m. 1 V.

w] cor.extd V. 4] Bb. 21 doriv] postea ins. F. 24
E teredywroy V. 26, dociy P.

Euclides, edd. Heiberg et Mengs. III. 8
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and tijs E tevpaydve’ dovpustoog doa éotlv 1) A 1
E dvvdyer.

Ty éoa mooredeioy evdela vf] A mposetonvrar dvo
evdelar aovppergor af A, E, unxs piv pdvov 9 A,
dvvaper 6 xal prxee dndady 7 E [Omep éder deiba].

e’

‘Eav técoaga peyédn dvddoyov 9, 7o O}
medTOY 76 dsvTée Srpusreov 7, xal T TEi-
TOV TQ TETAQTE OV pueTQov §6TaL’ XEV TOMEMTOV
tp devréow dovuueTgov 7, xal 16 Toirov TH
TETAQTH d6VUpETQOY E6TaL.

"Eotwoav téodagn peyédn dvaioyov e A, B, I, 4,
og 10 A meog ©6 B, ottwg 6 I mdg 70 A, 10 A 8%
©6 B evpperpov foro Adpw, Oti xal 16 I' 16 4 ovp-
pergov Edvat.

‘Enel yao ovppsrdv fote ©6 4 16 B, 10 A Goa
modg ©0 B Adpov e, Ov aududg mpdg dgLdudv. xal
éotiv og ©0 A medg ©6 B, ofrwg to I' mgog 1o 4-
xal ©0 I’ &pa mpog ©0 A Adpov &ye, Ov doududg medg
agududy ovpuctoov oo dotl v6 I' 16 4.

AAke 07 ©0 A ©6 B dovppsrov fote’ Adywm, on
xal 70 I' 16 4 aevppetgov fovau. Zmel yap devu-
petooy ot 10 A 1 B, 10 A dga meds td B Adyov
otx Eye, Ov deududg medg agududv. xel ot g

3. meoctedeisy Pb. ngocnvervrer BFb. 4 %] corr,
ex t; B. FPost 4 add. xef B et F, sed del. 5. dmso #3es
deifar] om, PBFb.  Seq. scholium in PBFb, u. app. 8. ]
corr, ex ¢ m. rec. P, ex 1y’ V. 8. mpirov] & P, et sic sae-
pius.  td] ins. postea F.  zoitov] 7 P et b (et sic saepius).

15. {oiv BVDb.  16. dorv P, 16 A] (alt.) postea ins. F. 17,

Bl corr. ex Am. 1 F, 18 z0 4] corr.ex 6 4 V. 20. I']
in ras. V. 21 6 dovupetedy fote xed 0 Iz 4 V. 22
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sunt. itaque etiam 4? et E® incommensurabilia sunt.?)
quare 4 et E potentia incommensurabiles sunt.?)
Ergo data recta 4 duae aliae inuentae sunt 4, E
el incommensurabiles, o longitudine tantum, E autem
potentia et longitudine; quod erat demonstrandum.

XL

Si quattuor magnitudines proportionales sunt, et
prima secundaque commensurabiles sunt, etiam tertia
quartaque commensurabiles erunt. et si prima secunda-
que incommensurabiles sunt, etiam tertia quartaque

Iincommensurabiles sunt.
Quattuor magnitudi-

A~ t B} 1 . .

nes proportionales sint
Pr———— 4 '\ 4, B, T, 4, ita ut sit
A:B=1I:4, et 4, B commensurabiles sint. dico,
etiam I, 4 commensurabiles esse.

Nam quoniam- 4, B commensurabiles sunt, 4: B
rationem habet, quam numerus ad numerum [prop. V].
et 4:B=1TI:4d. quare etiam I': 4 rationem habet,
quam numerus ad numerum, ergo I, 4 commensura-
biles sunt [prop. VI].

Iam uero 4 et B incommensurabiles sint. dico,
etiam I', 4 incommensurabiles fore. nam quoniam 4, B
incommensurabiles sunt, 4 : B rationem non habet,

1) Hoc ex prop. X[ concludendum erat (quare Gregorius
propp. X et XI permutanit). omnino tota prop. X cum lem-
mate multis de causis suspecta est, et nix crediderim, eam a
manu Euclidis profectam esse.

2) Quare etiam longitudine (prop. IX coroll).

forar) oty BFb.  28. 4] (alt) supra scr. m. 1 V. dea)
supra scr. m. 1 F. 24. ovx] m. rec. b.
3*
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70 A mpog ©d B, otrwg o I’ medg 6 4° 0v0F zo I
doa mpodg TO A Adyov Eyel, Ov doududs mdg doududy”
aovpuerpoy o fotl ©o I' té 4J.

'Eav &ouo téoeapa pepédn, xel ta EEds.

of.

Te v¢ avr peyéder ovppsroa xal didfiowg
éatl cvppcroa.

‘Endregov yeg tév A, B ©g I' fore ovppsctoov.
Aéyw, Ot xel ©d A4 @ B éoti ovppeToov.

‘Enel yap ovupctooyv ot to A4 16 Iy 16 A doo
wods ©0 I’ Adyov E&qa, Ov douBudg meog aoufudy.
éfrm, Ov 6 4 meds tov E. mddw, émel ovpucrodv
dot. ©o I' =6 B, ©o I' &pa mpds ©o B Adyov Eys, ov
doududs medg apLdudyv. éyérm, Ov 6 Z meog tov H.
xal Adywv dodévtav dmoswmvotv Tov s, Ov &gs 6 A
7pog tov E, xal 6 Z mpdg vov H sldfjpdwcay dgiduol
étne &v roig dodelor Adyows of @, K, A° dore elven
og piv ©ov 4 medg tov E, otrawg tov @ mpds tov K,
g 0 ©ov Z mpdg rov H, ovramg rov K mpog tov A.

"Exsl ovw dotiv dg vo A moog 10 Iy oftwg 6 4 meds
v E, dAX og 6 4 mpdg tov E, ofrwg 6 @ mpig
rov K, fotww dpa xal &g vo A meog ©d I, ovtag 6 @ -
nedg tov K. mddw, énmel dotww og ©o I’ mpdg o B,
ottwg 6 Z mpdg tov H, dAl og 6 Z mpdg vév H,
[otrwg] 6 K modg tov A, xal og dpa ©d I' mpds 76 B,
ottwg & K modg tov A. Eore Ot xal og 10 A meds

1. ovdé] om. V. 2. dea] om. V.  1dyov] doa idyov ,

h |

oox V. 4. zédgaga] za & F.  Ante xal add. avdloyoy
BFb; avaloyow y')' o O meditov TH devriew odppsroov g Vq

Post &Eiis add. omee £dsc deifar V. 5. if] corr. ex e’ m.
rec. P. 6. peyédn b. 15, dmdowy? V (comp.).  17. étds]
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quam numerus ad numeram [prop. VII]. et 4:B=1I":4.
quare ne I': 4 quidem rationem habet, quam nume-
rus ad numerum. itaque I', 4 incommensurabiles sunt

[prop. VIII].
Ergo si quattuor magnitudines, et quae sequuntur.

XTI.

Quae eidem magnitudini commensurabilia sunt,
etiam inter se commensurabilia sunt.

Utraque enim A4, B magnitudini I" sit commen-
surabilis. dico, etiam A, B commensurabiles esse.

nam quoniam A, I" commensurabiles sunt, 4 : I"
rationem habet, quam numerus ad numerum [prop. V).
, 8it 4:T = 4:E,

Ar 1 It i Bi .
—_— rursus quoniam I, B
,_.d il t

\E P commens}lrabl e; sunt,
—_— — K I': B rationem habet,
. H . A quam numerus ad nu-

merum [prop. V]. sit
I':B = Z:H. et datis quotlibet rationibus, 4: E et
Z:H, numeri sumantur deinceps in rationibus datis,
6, K, 4 [cfr. VIII, 4], ita ut sit J: E=0:K, Z: H
- K: A
iam quoniam est 4:I'=J:E et 4:E=6:K,
erit etiam A:Iem @:K [V, 11]. rursus quoniam est
I''B=Z:HetZ:He=K: 4, erit etiam I':B=K: 4.

in ras. V; dldyioros £E7ic F, sed corr,  doBeioew P. 18, véw 4]
1dv postea ins. F, 6 4 P. 20. 6] (alt) corr. ex zo» V. 22.
64P, vy I'P. 28 6P, i) zdv P.  B] corr.
ex 'm. 1 b. 25 ofrwg] om. P.  xal wg — 26. 4] bis F,
sed corr. 25. 6 "' P. = 26. ésuv P. 6] 6 F,
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70 Iy oltwg 6 @ mpdg tov K- 04 loov Gea éotly g
©0 A mpdg 76 B, oDrwg 6 @ medg Tov A. 10 A doa
moos to B Adyov &ya, Ov apiduds 6 O meds agiBudv
Tov A* evppsrpov doa fotl t0 A td B.

5 Ta dpx 16 avrg pepéder ovpperoa xal ddirfdos
éotl ovuperpa’ omsp &0er deikar.

ey
'Eav 71 0¥0 peyédn evppsrpa, 1o 0t fregov
adt@y peyéde rivl dovppeov 1), xal 1o Aoumov
10 T avt@ ecvppsroov fotal
"Eorm 0vo peyédn ovpustpa ta A, B, ©o 0} Evegpov
avtay 16 A EAdg twl v¢ I aqoppstoov fore Aéywm,
0te %l ©6 Aoumév 70 B v I' dovppscrody ot
E¢ ydg éomi ovppctgov ©0 B 16 I, alla xal 16 A
15 ©$ B evpperedy dotiv, xal 10 A &pa té I’ ovpperody
dotwv. GAde xal dovppetoov* Omep advvatov. ovx
dpa ovppctody fore ©0 B te I devuuctpov doa.
‘Eav &ga 7 0¥0 peyédn odpueroe, xal to g

Adijppa.
s0  dvo doduoov svdady dvicav sboely, tive peitov
dvvarar 7 pelfov tig éAdecovog.
"Eotocay af dodsicar dvo dvidor evBelaw af AB, T,

2. 6 A moog to¥ Bb 4. {otiv P. 8. svpperon] ovp-
supra scr. m. 1 P.  Gxeq #8es dsife] comp. P, om. Bb. ~ Seq.
lemms, u. app. 7. +y'] «f’ corr. in 1y’ m. rec. P, y in ras. F;
W¥,dinras. m. 1 B, sy mg. 8. 7] om. V. psya&n] -yé-
supre m. 1 P, awpyszoa F, sed corr.; uvlmerea & F.

11. Gvo] mg. ye. avtw m. 1. b, 12, alla%] stsom BFV.
18. o6 Bj om. b. @ I'] eras. b, dore 20 B 26 ', 14,
& — I'] supra scr. m. rec. b.  I' 79 B P. “15. dou B,
comp. Fb, om. V. xal — gvppe- -] supra scr. m. 1 F.
-100y — 16. xal] in ras. F.  16. Gnee doriv F.  17. &pa] (alt.)
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uerum etiam 4:I'=©&: K. ex aequo igitur 4:B=0:4
[V,22]. itaque A:B rationem habet, quam numerus
® ad numerum 4. itaque 4, B commensurabiles sunt
[prop. VI].

Ergo quae eidem magnitudini commensurabilia
sunt, etiam inter se commensurabilia sunt; quod erat
demonstrandum.

XIII.

Si duae magnitudines commensurabiles sunt, et
alterutra earum magnitudini alicui incommensurabilis
est, etiam reliqua eidem incommensurabilis erit.
A— Sint duae magnitudines commen-
r ! surabiles 4, B, et A alii magnitu-
Br————— dini I' incommensurabilis sit. dico,
etiam B, I' incommensurabiles esse.

nam si B, I' commensurabiles sunt et etiam 4, B
commensurabiles, etiam A4, I' commensurabiles erunt
[prop. XII]. at eaedem incommensurabiles sunt; quod
fieri non potest. itaque B, I' commensurabiles non
sunt. incommensurabiles igitur.

Ergo si duae magnitudines commensurabiles sunt,
et quae sequuntur.

Lemma.

Datis duabus rectis inaequalibus inuenire, quantum
maior quadrata minorem excedat.
Sint datae duae rectae inaequales 4B, I', quarum

postea ins. B. 18. §] om. P.  asvppevox F, sed corr.  xal
1o £Eijs] 10 O Frsgoy avtdy peyéde uvl dovupeteoy 7, xal
70 l0umov T aved dovpusreoy Forar: omee £dsc deifor V. 19,
' B 20. avicay evdady F. 21, éldrzovos F.
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v peifov iotm ) AB' Ol Oy evgelv, tive peifov
dvvaras ) AB tijg I

Ieypdpda énl tijg AB juixvxdiov 16 A4B, xal
&elg avrd évnoudodw 1y I lon of Ad, xal éxclevydo
1 4B. @avegov d4j, 6t St doTiv ) vn6 A 4B yovie,
xal 0te ) AB vijg Ad, vovtéer, tijg I', peifov 00-
vetar tj] 4B.

‘Opoiwg 0% xal dvo Sodeday evdady 7 dvvaudvy
avtag svgloxerar oTrwg.

"Eorwcav af dodeloar dvo evdslay af A4, 4B, xal
ddov fotm sdgelv Ty dvvepdvny avtds. xeloBweay
yag, @ore Spdny yoviay meoiéyew Ty im0 A4, 4B,
xel Enslevydw n AB- @avepdy mdiw, 8t 4 rag A4,
4B dvvapévy éotlv  AB- 8mep &0 deitou.

o,
'Edv téocages evdelar dvdioyov adiv, 0vU-
vnrar 0t f modty Tig dsvréoag pelfov v amd
ovpuérgov favef [purxet], xal 5 Tolry Tig ve-
tagrns pelfov dvvicerar t6 dnd cvppérgov
favty [prxec]. xal éav ) modty tig dsvrégag
pellov dvvnTal e dnd dovppudreov favry [u1-
x&1], xal 9 volty tijg terdorng peifov dvvijostar
td ¢xd acvupufroov favey [prjxec].
"Estwoay téaoages evdelar dvdioyov of A, B, T, 4,
og 7 A meog Ty B, ofrwg 5 I’ meds iy 4, xal 4
1. fotw] corr. ex domiv m. 2B. 8, 4ABA P. 4, adtd
ecorr. . ° 5 44 loq F. 6. peitov] corr. ex pelfoy m.
1 F. 10. of doBeioec] om. V. «f] of dofsioen af V. 11.
mjv] ins. postea V. éxxelcBwoay BFVD. 18. Ante mdliy ins.

dorum 1F. 8w malivb., Grey] finras. F. 14, Smee Eder
deikar] comp. P, om. Theon (BFVb). 15.:8’] 8 inras. F, corr. ex
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maior sit 4B. oportet igitur inuenire, quantum 4 B*
excedat I'?,
describatur in 4B semicir-

4
r culus 4 4B, et in eum aptetur
rectae I" aequalis 44 [1V, 1],
4 B et ducatur 4B. manifestum

igitur, [ 44 B rectum esse [III, 31}, et 4B*=A.4*
+ 4B} =T1" 4 4 B[], 47].

Similiter etiam datis duabus rectis recta guadrata
iis aequalis hoc modo inuenitur.

sint datae duae rectae 44, 4B, et oporteat rec-
tam quadratam iis aequalem inuenire. ponantur enim
ita, ut angulum rectum comprehendant 4 4B, et du-
catur 4 B. rursus manifestom est, esse 4B = 447
+ 4 B2 [1,47]; quod erat demonstrandum.

XIV.

Si quattuor rectae proportionales sunt, et prima
quadrata secundam excedit quadrato rectae sibi commen-
surabilis, etiam tertia quadrata quartam excedet qua-
drato rectae sibi commensurabilis. et si prima quadrata
secundam excedit quadrato rectae sibi incommensura-
bilis, etiam tertia quadrata quartam excedet quadrato
rectae sibi incommensurabilis.

Sint quattuor rectae proportionales 4, B, I, 4, ita
utsit 4:B=1T":4, et sit A =B+ E} = A+ 2°

vy m. rec. P, 15" B (mg.:8). 16, doe Vb, 17. =] e corr. V.
18. yrixa] om, P, 19, ono rij¢ b. 20, prixec] om. P. 21,

dvwionrar FV, sed corr. ovupérgov F, et B, corr.m. 2. favid b,
pixed] om, P, 22 Svwnonron F.  28. cvppéreov PF, et B,

corr. m. 2. favzd b.  prixe] om. P. 24, forwoar 3 V.
256, 4] e corr. V.
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A plv tig B psifov Svvdedw ¢ éxd wig E, % 0 T
mijg 4 psitov Svvaodw e and vig Z* iéyw, Gui, elre
ovupsroos otww 3 A vjj E, cvpuerpog €ore xal § I
1] Z, elre aovpueteds oty v A v E, dovpuereos
dore xal 6 I ©f Z.

‘Enel pdg éomiv g 7 A meds v B, ovtwg 1 I
neds v 4, Eorwv doa xal og t0 amd g A ®EOs TO
and tijg B, olrwg 10 and riig I’ medg 0 axd tijg 4.
dAle ©@ plv dmo tig A lox orl Ta awd tdv E, B,
t$ 0t ano vfg I' loa éotl ta and vov 4, Z. Eorw
dpa dg 1o and tov E, B mpdg 10 and g B, odrawg
T and tov 4, Z medg 0 dmo tijg A* disAdvr &ou
dotiv og 10 dnd s E medg 1o dxd tijg B, ovrwg t0 dmod
tiis Z mpdg ©0 and tiig A° &orwv &pa xal &g % E
ngdg Ty B, ottws ) Z meog Ty 4° dvimalwv &go
éotlv g 1 B mdg v E, otrwg § A4 meds myv Z.
fort 6% xal og n A mpdg v B, ovrwg ) I' meds
my 4* 8/ lsov toa éotlv oog § A meds 1y E, olrag
n I’ mpog v Z. &lre odv oVpperedg éovv ) A 7 E,
ovpperpds €ot xol 7 I' ©f) Z, elte aovuperpds oty
n A tf] E, acvppcpds éove xal 7 I' o} Z.

'Eav &oa, xal va EEfg.

g

’Eav dv0 ueyédn edppetoa ovvredy, xal ro
Glov éxetépm avidy ovppsrgov f6var xdv 1o
Giov vl avtdv ovupsroov 7, xal va {E doyis
pepédn evpperoa Eorac.

Svpxeiodo yag 0U0 pepédn ovuucroa te AB, BI™

1. tiig Bl corr. ex zif Bm. 1 b. I 8 BFb. 8. louv)
om. V. <] corr. ex sig m. 1 P. dow B. 4. Z] e corr.
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[u. lemma]. dico, siue 4, E commensurabiles sint, etiam
I, Z commensurabiles esse, sinve 4, E incommensura-
biles sint, etiam I, Z incommensurabiles esse.

nam quoniam est A:B=1I":4, erit etiam 4*:B?

=TI"*": 4*[V], 22]. verum 4* = E*+ B} M= 4*} 7%
- - itaque E*4 B¥: B? = 4% 4 7. 1%
' subtrahendo igitur [V, 17] E?: B®
T -+ == Z%: 4% quare etiam [V, 22] E: B
E = Z:4. itaque e contrario [V, 7
coroll.] B:E = A4:Z. uerum etiam
i B r4 A:B=1T"4. ex aequo igitur [V, 22]
A:E=T":Z. itaque siue A4, E com-
mensurabiles sunt, etiam I', Z commensurabiles sunt,
siue 4, E incommensurabiles sunt, etiam I, Z incom-
mensurabiles sunt [prop. XIJ.
Ergo si, et quae sequuntur.

XV.

Si duae magnitudines commensurabiles componun-
tur, etiam totum utrique earum commensurabile erit;
et si totum alterutri earum commensurabile est, etiam
magnitudines ab initio positae commensurabiles erunt.

Componantur enim duae magnitudines commensura-

m 1b 6 douww PB. 7. xal] om. V. 9. zi3] corr. ex
t6 m.rec. P. 4] inras. m. 1 P. dotiy P. 10. oziy P.
2,4P. 11. E B 4,2Z8B. z2F. B} d4B. 12 4, z;
EB B. ta F. 4] B in ras. m, 2 B, 18. and] (alt.
ing. m. 2 F. 14, fouuy — 16. 4] mg. m. 1 P. 14. 7]
supra scr. m. 2 F. 17, foruw P, 19. et P.  20. dori] domuw P.
ost sfee del. o0y b, Zouv] om. V.  21. gdupergos b.
doiv B. 22, doa] om. V. ~ Ante xaf add. técocpss £9-
Beiar dvdioyov doy (Bor V) FV. 28, ] e corr. PF; i’ B,
mg. 1¢’. ~ 28. gvyxelo@wcay BFb.  BI'] e corr. F.
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Aéym, Ot xod GAov 1o AT éxarépem tév 4B, BI éon
CURUETQOV.

"Enel pop evppetoa éovs ta AB, BI, pergroe T
atva plyedog. perpelrm, xal i6tw o 4. émel ovv
10 4 1@ AB, BI peroet, xal GAov ©0 AT pergroee.
peroel 0% xal ta 4B, BI'. 10 4 dpata AB, BI', AT
perosi: ovuuctoov doa éotl 16 AT éxarépep tov AB, BI.

’AAde 07 10 AT Eorw ovppctoov 16 AB* Adyw
87, 6te xel 1@ AB, BI" odppcroe éotuv.

Enel pag ovupcvod éove ve AT, AB, psrorjoer te
avre ulyedog. perpeirm, xal fotw TO A. dmel ovv
20 4 va I'd, AB pergetl, xal Aowov Goa ©o BI' pe-
tenost. pstsl 6 xal 16 AB* 10 A &pa ta AB, BI'
petenos ovuusrpe doo éovl 1 AB, BI.

’Edy doa Ovo peyédn, xal za éEig.

65’

'Edv 8vo peyédn acvppcroa cvvredfj, xal
76 BAov éxatéop avrdv aevuusroov é6Tar’ xdv
td GAov évl adrdv dovppsreov 7, xal to &
doyijs peyédn aovpperoa EoTar.

Zvyneloda yag 0vo ueyédn aevupstpata AB, BI'
Aéyw, Ove xal ddov ©0 AT éxaréop v AB, BI' aovu-
ueroov foTiv.

1. xal] nal o V. tov] tae P. forar b, ovpue-
Tdy éors V. 8. fomy P. 8. za] (prius) corr. ex zav F.
7. dotiv P. 8, AT') AB, BT P; AT ésl tév 4B, BT Theon
(BFVb). 4] 15 P, fote 8 @ (corr exto V) Theon (BFVb).
9. 611] 8UPTA 8CT. F. 10. lozev P. Ar) T4 P, I'ecorr. b;
mg. 4B BI'm.1b. 12. AT FV. 13 ) w67 V. 14
e’arw LPB 15. Post weyifn add. ovpperoe ovvredy, xal 70
Olov énarioo avray avyp.srqov forae y# Post éEfie add, omq
£8e1 Jsikan V. 1e. 5" ] corr. ex 18" m. rec. P, mut. in 1f’ m.
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biles 4B, BI'. dico, etiam totum AI" utrique 4B, BI'
commensurabile esse.
nam quoniam 4 B, BI' commensurabiles sunt, mag-
nitudo aliqua eas metietur. metiatur et sit 4. iam
y - i quoniam 4 magnitudines
AB, BI' metitur, etiam to-
—d tum A4I' metietur. uerum
etiam 4B, BI" metitur. 4 igitur 4B, BI', A" me-
titur. ergo A I utrique 4B, BI' commensurabilis est
[def. 1].
Jam wuwero A4I', 4B commensurabiles sint. dico,
etiam 4B, BI" commensurabiles esse.
pam quoniam AI', 4B commensurabiles sunt,
magnitudo aliqua eas metietur. metiatur et sit 4. iam
quoniam 4 magnitudines I' 4, 4 B metitur, etiam reli-
quam BI" metietur. uerum etiam 4B metitur. A igi-
tar 4B, BI" metietur. itaque 4B, BI' commensura-
biles erunt.
Ergo si duae magnitudines, et quae sequuntur.

XVL

Si duae magnitudines incommensurabiles compo-
nuntur, etiam totum utrique earum incommensurabile
est; et si totum alterutri earum incommensurabile est,
etiam magnitudines ab initio positae incommensura-
biles erunt.

Componantur enim duae magnitudines incommen-
surabiles 4B, BI. dico, etiam totum AI" utrique 4B,
BI' incommensurabile esse.

2 F; of B, mg. «s’. 19. odppergov B, corr. m. 2; item lin. 20.
21. ovyxelodawoay V. BI'] corr. ex I'B F.
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E¢ yag u1f éovv aovpuetoa ta I'd, AB, peroroe
t [avre] péyebog. perpeltw, & dvvardv, xal fotw
70 A. émel ovv 10 4 ta I'd, AB pergel, xal Aomdy
dpa vd BI psrgrjosr. pevost 0 xal ©6 AB vo 4
doo 1o AB, BI' uergel. ovppstoe doa éotl ve AB, BI™
Uméxeivro O xal dovpustoe’ Onep fotly ddvvarow.
ovx Goo ta I'd, AB peroroe . péyedog dovpueron
dpa éotl ta I'd, AB. Spolws 0% dsifopcv, Oti xal
ta AT, I'B acvpperga dotiv. 16 AT doo éxatépp
tév AB, BI' aevpuctodov éoriv.

’dAde 09 ©o AT évl tév 4B, BI dovppergov éoro.
fotw 07 mobregov 1 A B Adpw, 6t xol ta AB, BI'
aovpuerpa fotv. & pag Eorar ovuperoa, pergroes
Tt avra péysdos. uerpsiro, xal foro v . dmel
o0v 10 4 t& AB, BI" pergei, xal Glov Goa ©o AT
pevonos. pergel 0% xal 10 AB* 10 A dga ta I'd, AB
perpel. ovpperpa doo fotl va I'A, AB- Uméxeito 0% xal
aovuuerpe’ omsp otilv advvarov. ovx dpa te AB,BI"
peronoee T péyedog: dovupcroa doa fotl ta AB, BI.

'Eav &pa 0Uo peyédn, xel ta éis.

Adijppe.
'Eav magd wwa evdeiav magafindy magalinid-
yooppov éAAelmov &lder tevpaywve, 10 magafindiv

1. w] 26 P. 2. advd] om. P. 4 AB] BAV. 5.
dotiv LP.” 6. dmoxesvtan LBb.,  addrarew donw V. 8.
éoriv LP. 9. Ante A" del. ' m. 1 P,  ovpperea B, corr.
m, 2. &n V, comp. Fb. TI'AF. 10. !am:lfom. B. 11,
forw] om. P. 12, fotw 87 medregov] nal modray Theon (BFV ),

T} e corr. V. 18. fotar] dore V.  adppsree] supra scr.
é¢- m. 1 F. 17 doti] dotty P, comp, F, fozar LBVb. dmé-
newwro F. 19. ¢ty LP. Post BI add. duofwg on Jey-
Bjoetar, 8te 6 AT xal dongy 1p BI acdupsreoy fotiw FVD,
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nam si I' 4, A4 B incommensurabiles non sunt, mag-
nitudo aliqua eas metietur. metiatur, si fieri potest,
et sit 4, iam quoniam 4 magnitudines I'4,
-[4 AB metitur, etiam reliquam BI' metietur.

uerum etiam 4B metitur. 4 igitur 4B, BI

metitur, itaque 4B, BI' commensurabiles sunt.
+B supposuimus autem, easdem incommensurabiles
esse; quod fieri non potest. itaque nulla magni-
tudo I'4, 4B metietur. ergo I'4, 4B incom-
mensurabiles erunt, similiter demonstrabimus,
etiam AT, I'B incommensurabiles esse. ergo AI'
utrique 4B, BI' incommensurabilis est.

Iam uero 4TI alterutri 4B, BI" incommensurabilis
sit. sit prius magnitudini 4 B incommensurabilis. dico,
etiam 4B, BI' incommensurabiles esse. nam si com-
mensurabiles sunt, magnitudo aliqua eas metietur.
metiatur et sit 4. iam quoniam 4 magnitudines 4B,
BI' metitur, etiam totum 4I" metietur. uerum etiam
AB metitur. 4 igitur I'4, 4B metitur. itaque I'4,
A B commensurabiles sunt. supposuimus autem, easdem
incommensurabiles esse; quod fieri non potest. itaque
nulla magnitudo 4B, BI" metietur. itaque 4B, BI'
incommensurabiles sunt.

Ergo si duae magnitudines, et quae sequuntur.

-r

Lemma.
Si rectae alicui parallelogrammum adplicatur figura
quadrata deficiens, adplicatum spatium rectangulo par-
‘ium rectae adplicatione ortarum aequale est.

28. teTuywre] corr. ex magaiinloyedpum m. rec. b, 0]
@ F. 10 magaply&év] om. b.
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loov dorl Tt Vmd tdv éx tijg magafodng yevoufvay
Tunudtay g cvdelas.
g yap sbBelay vy AB nagafefiicdo nagai-
AnAdypappov ©d A éihetnoy elde tevpaybveo to 4 B:
8 Aéym, oti loov detl 10 A4 6 vmo vov AT, I'B.
Kal dotwv adréBey pavepdy: émel pag terodywvov
dove ©0 4B, lon éotly 9 AT ©fj I'B, xai éove ©0 Ad
16 vnd tov AT, I'4, tovréor. ©6 Ond vav AT, I'B.
'Eav &pa magd tive sbdelav, xal va &Eqg.

10 of. .
'Eav 661 8vo e08elar &vicor, T 0} Terdoro
uépes Tov amd tvig éAdocovog l6ov maga TRV
pelfova magafindf éAheimov eldel terpaydve
xal elg ovppeTQo avTyy Oracpf piixel, 4 pelfov
16 7ij¢ éAd6oovog peifov Svviiderar td axd cvp-
péroov favrff [prxes]. xal dav 4 pellowv Tig
dAaogovog pelfov dvvnrar 1d axé cvppéroov
favef [unxec], td 0 zevdoro Tod and vijs éAde-
Govog loov mapa m)v pelfova naoaﬂh)&y éAhel- ¢
20 wov &idss Terpaydve, &ly ovupcrga avryy
deatpel prixee.
*E6twday dvo e0dcloaw &vioor of A, BT, dv psltov °
% BI', vG 0} tetdorp pdpse Tov amd vijg éAdedovog .
tiis A, tovtéor. @ dmo tijs nueslas tijg 4, isov
26 maga Ty BI' mapafefliicdn éAdsinov elde terpayive,

8. 70 44 wagalinidyeappoy Theon (BFVD, ante 44 eras.
raF) 4 ‘tEtgdym‘Hw] corr. ex nupallqloygap.p.m m. rec. b,
AB] B4 Fb. 6. dotivy LB, 6] zo F. AT] corr. ex
I'dm. 1b TI'BlIecor.V. 17 éouww LB. TI'B]BI
BV. éouv LPB. 8. 'd) 4P, decorr. V. roviéors — I'B]
n 2V, zovtéouy LPB 9. Post s9feiay add. maga-
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Rectae enim 4B parallelogram-
mum adplicetur 4 4 figura quadrata
4 B deficiens. dico, esse
4 rs A4 =AI'><TB.
et per se patet; nam quoniam 4B quadratum est, erit
AdI' =TIB. et Ad = AI'><XI'd = AT’ < I'B.

Ergo si rectae alicui, et quae sequuntur.

XVIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
longitudine commensurabiles diuidat, maior quadrata
minorem excedet quadrato rectae sibi commensurabilis.
et si maior quadrata minorem excedit quadrato rectae
sibi commensurabilis, et spatium quartae parti qua-
drati minoris apquale maiori adplicatur figura gnadrata
deficiens, eam in partes longitudine commensurabiles
diuidet.

Sint duae rectae inaequales 4, BI, quarum maior
sit BI, et quartae parti quadrati minoris A, hoc est
(} 4)%, aequale spatium rectae BI' adplicetur figura

8indy zaeallrlloypappov V. Post é&is add. rijg ngotaaea)c
BVb, Fm. 2. 10. «f Fm. 2; 18" B, mg. ¢f. 11 aow P,
12. élarrovog F. 13. tupaymvm] in ras. m. 1 b, 14
y.r)nn F. 16. Glmmwog ¥ cvml.ézom F. 16. pijxe] om: P
v F. 7] g b, et F, sed corr. 17. dldrrovos F. ~ peifor]
mg. m. 2 F, pe({«wu b. 18. prxec) om. P. Post zetaere
add. pgéese b, F m. 2. £1attovoc F. 20. e/5] in ras. V,
corr.ex e/ m.rec. b.  evrij V, sed corr. 21, dudei B, duély
Vb et corr. in diedel F. pnxn F. 22 peifoy b, ye({aw

foro F. 28. flazrovog F. 24. tnc] % F. rovtéony P.
6] o F, et V, sedcorr. m. 1. zo9 4 B; i} 4 V, sed corr.

Euclides, edd. Heiberg et Menge. III. 4
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xal 6t 16 Vnd tdv Bd, I, evpuerpog 0t it i
B4 tf} AT pixers Aéyw, ote §) BI vijg A peitov
dvvarar TH and ovpprgov fevry.

Terpiedm yag 7 BI' diye xava o E onueiov, xal
xnelodw tff AE oy © EZ. Aowmy) dpa 1 AT ioy éorl
tj BZ. xel énel ed®eia 9 BI térpqzar el plv ioa
xara 10 E, elg 0% dvide xava 6 4, to e vmo B,
AT mepueyduevoy dpdoywviov uste tov amd i EA
retgpaydvov loov dotl 6 and g EI wergayovoe:
xal Ta revpanldoie ©0 dpa tergoaxig vmd 1wy B A, AT
uera Tod rergamiaciov tov and vig AE ooy édotl T
revpanig dnd tijg EI tergayove. dide 16 piv teru-
ndaoip tov Vo tév Bd, AT leov éoti to dmd tijs
A revpayovov, T 0 terpamiacdio tov amd tiig JE
fdov 67l 10 amd tijg AZ terpdywvov” dimdadiov pdg
dotww  AZ vijg JE. to 6} retpanlaaim ToU dmo
tijg EI l6ov éotl 10 and vijg¢ BI' ntpayawov Simde-
olwov ydo éot. medw 9 BI' 15 TE. a dea amd tov
A, 4Z tergaywove low éoti t6 ano g BI™ rerpaywve’
@ote ©0 and tijgc BI' tod ano tijg A upeitov ot 16
and tijg AZ° 9 BT &ga tijg A pelfov dvvera:r t) JZ.
deuxtéov, Ot xal ovpuerpog éotwv 1) BI' ©5) AZ. émel
yap ovpuereds otww 9 BA tvif AT pijxer, 6vppctpog
dpa fotl xal % BI' v I'd pijxer. aide ) I'd ralg
I'd, BZ ot ovppergog pips” lon pdp éoriv 9 I'd
tff BZ. xal § BI dga ovppctgdg fove taly BZ, I'd
urxer” Gove xal Aounfj v Z 4 ovppergdg oty y BIT

L. 4T} I'in ras. F. 8. Post favej add. urjxee Vb, F
m. 2. 5. dl‘l corr, ex BI'm. rec. b, dordv P, 7. vwo
tév BFV. 9. dozfw P. 10. :d]J m. 2 V. 16] ¢ B. EB4]
in ras. m. 1 P. 11, teredmig Theon (BFVb).  10d] om.



ELEMENTORUM LIBER X. 51

4 quadrata deficiens, et sit B4 >< A4TI"
e [u. lemma], et B4, 4T longitudine
L, commensurabiles sint. dico, BI™®
excedere A quadrato rectae sibi
commensurabilis.

nam BI'in puncto E in duas partes aequales se-
cetur, et ponatur EZ = A E. itaque J4I'= BZ, et
quoniam recta BI' in E in partes aequales secta est,
in 4 autem in inaequales, erit [II, 5]

BA>< AT+ E4 = EI™,
et quadrupla eodem modo; quare
4BA< AT + A JE* = A EI™.
verum A% == 4BA <X AI'y, A2Z% = 4 4E* (pnam
A2 =2 4E), BI'* =4 EI"® (nam rursus BI'=2TE).
itaque
A+ 472 == BI'?

quare BI'? excedit 4* quadrato 4 Z% demonstrandum,
BI, 4Z commernsurabiles esse. nam quoniam B4,
4TI longitudine commensurabiles sunt, BI' et I'd
longitudine commensurabiles sunt [prop. XV]. uerum
I'4 rectis I'd, BZ longitudine commensurabilis est;
nam I'd == BZ. quare etiam BT rectis B Z, I"' 4 longi-
tudine commensurabilis est [prop. XII}. quare BI” etiam

Theon (BFVb)., EdJ FVb., lo« BF. 12. 'EF. terea-
wlaolp tov] teceants Theon (BF VD). 18.zdw] om.b. 14, 3]
postea ins. F.  zeredwis, om. tov, Theon (BFVD). 16, ze-
toaywyyoy P corr. m. 1, 16. Zd4 P.  rerpawy, om. zod,
Theon (BFVb). ~ 18. T'E] EI' V.  19. 4, JZ] e cor. V.

teteaydve] [’ supra scr. m 1V, 20. Post @ore ras. 2
litt, V. 21 zj]jcorr.extos F. ZaP. 22 ZaP. 23
éoze P, corr. m. 2. 24, al F. 9.ZBF. 26. taig BZ,
r'd éou odppergos Theon (BFVD). dory P. 27. prinze]
7 in ras. m. 1 P. BI']l in ras. V

4*
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usxees 7 BI doa tiig A petbov dvvarar vé dmo ovu-
pérgov éavr).

'AAde. 8% n BT tijg A psifov dvwdede to dmo
ovpuéreov éavry, TG 0% tevdero Tov amd thg A [dov
napa vy BI" nagafefirjode éAdsimov &ldel rerpaydvo,
xal &6to 0 Und trdv Bd, AI. dsixtéov, OtL Guu-
uergog oty ) BA v AT pajxe.

Tev pap avrav xartacrevaddsvrav duolng dectousy,
ove v BI' tijg A peifov Ovverar 1 and tig Zd.
dvvarar 8% 5 BI" tijs A usifov @ amd ocvppéreov
favrfj. ovppergog doa dotlv § BI tff Z 4 pixe
@ors xal Aowwfj ovveuporipm ti; BZ, AI' 6vpusteos
éorv 7 BI uiner. diia ovvapgdregog 9§ BZ, 4T
ovpperpog éote vy} A I [uajxer). dove xal ) BI' 5y I'd
ovpperpog ote pryxer” xal duedovie dea 7 Bd i AT
doTe ouppeTgog pAxEL.

'Eav &ga dou dvo s0Psiar Gvidor, xal ta EEqg.

oy
'Eav ¢du 8v0 e0dela &vidor, T 0F terdoro
péoeL 10U axq tig éAn6covog [6ov maga TNV
peilova nagafindy éAleimoy elde Terpaywvo,
xalelgacvppetoaavrvdiacos [prxe], uelfoy
tijs édaddovog psifov dvvjcetar TH amo advp-

2. Post favip add. prjxee V. 4. z0%)] in ras. V. 8.
opolag 37 V. 6e(§o‘ysv] dee- corr. ex dn- F. 9. Post Z
del. m. 2: ovte yoe vmoxeizar V. 10, uu{o‘y e A P. 11,
favrijs P. 12 xel) m. 2 F. gvvep otéew] - e corr. V.,

_ti] corr.exvi F. 14. v AT odppereds Zove Theon (BF Vh;
v 4T postea ins. F). wijxee om. P." Dein add. Theon: l'cm
y¢Q dory % BZ 3jj AT (BFVD; = corr. in zijg m. 2 F, s b;
I'dF). oore] om. Theon (BF Vb) BT doa Theon (BF Vb).
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reliquae Z 4 longitudine commensurabilis est. ergo BI™
excedit 4* quadrato rectae sibi commensurabilis.

Iam unero BI® excedat 4% quadrato rectae sibi com-
mensurabilis, et quartae parti quadrati 4* aequale
rectae BI" adplicetur spatinm figura quadrata deficiens,
et sit B4 >< 4I' [u. lemma]. demonstrandum, B4,
AT longitudine commensurabiles esse.

nam iisdem comparatis similiter demonstrabimus,
esse BI = A+ Z 4. BI™ autem quadrato rectae sibi
commensurabilis excedit quadratum 4%, itaque BI', Z 4
longitudine commensurabiles sunt. quare BI" etiam re-
liquae BZ 4 4I'longitudine commensurabilis est [prop.
XV). verum BZ 4 AT rectae 4I" commensurabilis est
[prop. VI). quare etiam B I, I'4 longitudine commen-
surabiles sunt [prop. XII]. itaque etiam dirimendo
B4, AT longitudine commensurabiles sunt,

Ergo si duae rectae inaequales datae sunt, et quae
sequuntur. '

XVIIIL

Si duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatinum maiori adpli-
catur figura quadrata deficiens, quod eam in partes
incommensurabiles diuidat, maior quadrata minorem
excedet quadrato rectae sibi incommensurabilis. et si
major quadrata minorem excedit quadrato rectae sibi

ovupeteog fote vj I'd Theon (BFVb; 4I' V). 15, pijxee:
xat/] om. Theon (BF Vb). 17, xal to £E7g] t6 8% retagro
néoes rov axmo tiig flacdovog fdov mapa Ty uelfova xapafindy
{dsimoy sldes vergaydyvm, wol T& EEfjg: Omep £8es Seifor V. 18,
« B,y mg. 19. deiv B. 20, {ldrrovos F. 22 p.r]'usiz‘]
om. P, usjxn F. 23. flatrovos F. 0 F.  avppéreov
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uérgov favty. xal éev 9 pellov vig éladoovog
peifov dvvyTa o axd dovpufroov avty, ve Ot
TeTdQTo ToU and tig Adocovog [Gov maga TV
peifova wapafind i éAdsinoy eldeL tergaydvo,
el a6vpustoa aviny Ororpsl [wixe).

*Eotwcey 6vo e0slar dvicor af A, BT, av peltov
7 BT, to 0% vevagro [péoe] Tov dmd tijg éAacgovog
tijs A loov mage tyv BI mepafefriodeo éidelmov
&lde revgayave, xal Eoro ©0 vmd tov BAT, aovu-
petpog 0% fotm 9) B4 tf) AT wixer: Aéym, dve n B
tiig A peifoy dvvarer T awd devuuérgov favti.

Ty pag avtdy xeraoxivaddéviov Td mEOTEQOY
opolmg dslkopev, 6ve 9 BI” tijg A petfov dvvaro 16
and tijg Zd. Saxtéov [otv], Or aedpuerodg éoTiv
n BI' vij AZ pijxst. émsl pop aovpuereds éoviv 7
B4 ©ff AT pijxs, acvppcrgog oo éovl xal 7 BI
i I'd wixst. adde 1 AI' 6vpperods éove ovvou-
qotépaig taly BZ, AT xal v BI' dga aovuperodg
éot. ovvougporépaig talsg BZ, AT. dove xal Aoy t
Z 4 acvpperedg foviv y) BI uixer. xai 1 BI tijg A
petfov dvvarar v amo tijs ZA* 1 BI' dpa i A
uetfov dvvarar g amd aovpuéteov éavrd.

dvvaodo 0y maiw 3 BI zijg A petbov to and
aovppuérgov favrfj, ¢ 0 tevdoro Tot amd tig A lsov
noga v BT nogafefiodm éAicimov elde rergaywve,

1. el — 2. fovrfj] om. b. 1. weifov V, sed corr. éldt-
tovog F. 2. ovppéreov F, et B, corr. m. 2. 8. élarrovog F.
5. Sixegijs P.  priner] om. P, wijun F. 7. otly § F. péped]
mg. m. 1 P, . zo9] t F. éldrrovos F. 8. zijs] o F. 9.
BIdb; Bd, AT V (4T in ras), F, P m. rec. 11, ovu-
pérgov B, corr. m. rec.  12. t@] m. rec. B; 6 P, corr. m. 2.
moorége F. 14, 4Z V. odv] om. P.  Om xaf P. 15.
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incommensurabilis, et spatium quartae parti quadrati

minoris aequale maiori adplicatur figura quadrata de-

ficiens, eam in partes incommensurabiles diuidit.
Sint duae rectae inaequales A4, BI', qua-

IB [ rum maior sit BI, quartae autem parti qua-
1z |4 drati minoris 4 aequale spatium rectae BI'
1 - adplicetur figura quadrata deficiens, et sit
‘E BA< AT [u. lemma p. 46], et B4, 4T lon-
ICs gitudine incommensurabiles sint. dico, BI™®
l r excedere 4® quadrato rectae sibi incommen-

surabilis.

iisdem enim, quae in priore propositione, compa-
ratis similiter demonstrabimus, esse BI' = 4* 4 Z 42,
demonstrandum, BI, 4Z longitudine incommensura-
biles esse. nam quoniam B4, 4TI longitudine incom-
mensurabiles sunt, etiam BI, I'4 longitudine incom-
mensurabiles sunt [prop. XVI]. uerum AI' rectae
BZ - AT commensurabilis est [prop. VI]. quare etiam
BI" rectae BZ -+ AI' incommensurabilis ‘est [prop.
XIII). itaque BI etiam reliquae Z'4 longitudine in-
commensurabilis est [prop. XVI]; et BI?= A4 Z £,
ergo BI'* excedit 4* quadrato rectae sibi incommen-
* surabilis.

Jam rursus BI® excedat 4® quadrato rectae sibi
incommensurabilis, et spatium aequale !/, 4* rectae BI"
adplicetur figura quadrata deficiens, et sit B4 >< 4T

Z4 B. 16. piues] om. Vb, m. 2 B.  &p«] om. V. doriv P,

comp. F. xe/]m.2F. 17. I'd] in ras. F. o’ F. 9]

supra scr. m. 1V, devupergog F.” 18, xaf — 19. 4I'] m.

2B. 20.Z4] “4'ZF. BI) (prive) I'BV. 21 BIj

B in ras. m. 1 B. 22, gvppéreov B, corr. m. 2; item lin. 24,
24. vov] ©é F.
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xal é6to 0 Uwo tov Bd, AI'. Saxtéov, 61 aevu-
ueT@ds ovww n Bd tff AT pixse.
Tév yap avtdy xaradxevacdévioy duolog delfousy,
ove ) BI" tijg A pstfov Svvatew ©6 dnd tijg Zd. dalic
57 BI tijg A peitov dvvarer @ amd covppéroov
favtf). acvupetgog doa dotly ) BI vfj ZA wijxer* wote
xel Aonf ovvapgotépe tjj BZ, AT aovuuetoos éoTy
7 BI. dile ovvappdrsgog 1§ BZ, AT 1jj AI" 6¥u-
pereds fotu prjxee xal ) BI doa 1) A" devppereos
10 dore pijxer: @ove xal dieAovre ) BA v A aovppe-
Tpog €oTi prxsL.
'Eav oo dor 0vo ebdelar, xal ta étdg.

- Aijppe.

"Enel 0é0sixrar, ote al prxer cvpperool mxvrwg xal

15 Svvauee [elol evppergol], af 0 dvvdapss ov mdvrag
nel piixee, alde O Ovvavrar pijxse xal cvppergor
elver xel GOVUWETQOL, Pavegov, Oti, v T Exxe-
uévy nri] ovppeteds Tig g pijxec, Adyeron fqry xal
oUupsTeog avt ov povov wixse, aila xel Svvdus,
20 el al prxer ovppsroor wavtwg xal dvvdps. fov OF
tf) éxxeipdvy $qrij oVpperods g 9 Suvdper, & ply
xel pijxel, Aépevas xal ovreg ¢nry xel ovpucrpog adry

1 4rjm.2B. 2.5 dBéour F, 4. 4Z V. awx

b, wy.;szgou F, corr. m. 2. 6. faveiig P, corr. m, 1.
aavy.petea corr. m. 1. 4Z V., 8. p dl"] m. 2 F.
aavppetoocF sed corr. 9. dotiv P. xal}om. P.  xal—10.
pixee] mg. F.  10. Ante doze del. % BI" dga tfj 4T m. 1P
12. doww B, Post ed@eio add. avwo;, T 0} tetapro péost
108 dnd tijg élddcovog lsov muga rnv pufova nuqaﬂln&g V.
18. Ajppe) om. PBb.  14. dmel 8¢ V. 15. elol ovppereor]
om. P. o9 ovppsteot o6 P, 16. ¢ild — piuei] mg. m. 1P,
d1] dnlady BVb, 81 dnlady, del. 87, F.  xel prjner BFVD,
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demonstrandum, B4 et 4I' longitudine incommensu-
rabiles esse.

iisdem enim comparatis similiter demonstrabimus,
esse BI® = 4% | Z 4% BI™® autem A® excedit qua-
drato rectae sibi incommensurabilis. itaque BI', Z4
longitudine incommensurabiles sunt. quare BI etiam
reliquae BZ + 4TI incommensurabilis est [prop. XVI].
uerum B Z - AT rectae 4TI longitudine commensura-
bilis est [prop. VI]. quare etiam BI rectae 4I" longi-
tudine incommensurabilis est [prop. XIII]. itaque etiam
dirimendo B4 et AI" longitudine incommensurabiles
sunt [prop. XVI].

Ergo si duae rectae, et quae sequuntur.

Lemma.

Quoniam demonstratum est [prop. IX coroll.], rectas
longitudine commensurabiles semper etiam potentia
commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine, sed posse
longitudine tum commensurabiles esse tum incommen-
surabiles, adparet, si recta aliqua rationali propositae
longitudine commensurabilis sit, eam rationalem eique
commensurabilem uocari non modo longitudine, sed'
etiam potentia, quoniam rectae longitudine commen-
surabiles semper etiam potentia commensurabiles sunt;
sin recta rationali propositae potentia commensura-
bilis sit, si etiam longitudine sit commensurabilis,
eam sic quoque rationalem eique longitudine et potentia
commensurabilem uocari; sin rursus recta rationali

19, avey F. 20, #a2el afl] of yodo Theon (BFVDH),  22.
xaf] (alt) m, 2 B.  afp F.
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urxse xel Ovvauer: & 0% ©ff Exxepévy madww $yy

oVuuETEOs Tig 0VCx Suvdus piixsL avty 7 dCVRWETQOS,

Adyerau xal ovrmg gy Ovvduer pdvov ovuusrgog.
T8

T dxd ¢nrdv pixelovuuéroov xatd tive
TOV TQosteNuévav TQoRwY £VdeidY meQLEyd-
pEvov dpdopadviov gnrov éaTiv.

‘Trd pag fnrév wixee lovppérooy sbdady oV
AB, BI' dpdoyaviov megiegéodm to A" Aéyw, Ot
gnrév o ©o AT
" Avaysypapde yag ano tig AB rergdywvov 1o A4
onrov doa doti 1o Ad. xal €mel ovupereds foTiv 7
AB 1} BI" pinec, lon 8¢ éovv 1 AB vfj Bd, ovp-
pergog &ga fotlv  BA tfj BI' wixen. xal éotiv g
% B4 mpog tiv BT, otrwg 16 44 mpdg 10 AL ovp-
uergov Gpo éotl 16 A A v AI. yrov 0t 16 JA4°
gnrov fpa dotl xal 1o AT

To Goa Vo nrdv pyxer cvpudroov, xel ta EENg.

’

x.

'Eav §ntov mage ¢nrnv wagaflydi, xldzog

worel gnTv xal CvpucTQov i, mag 1V Ta@d-
xeLTae, wrxe.

2. ovaa g FV. avwxp,u] &4 e corr., seq. spat. 2 litt. F.
adtf ] Hevri BED, 7 V. 3. oftwg] comp. e corr F. pdvov]
comp. mg. V (eua.n) Seq alt lemma, u. app. 4. 8] sic F,
sed infra »'; mg. tpnpa -riusn — 6. mgo-] in ras.
m.2B. & 'e30eiy natd Theon (BF\{/‘ 6. Tpomoy? £0-
Baav] om. Theon (BFVD). 8. sv&naw wv]Bm ras. V. 12.
0 Ad dea §nrév éorv F. 18. 4B] (alt) Bd Bd] 4B in

ras. P, B4 in ras. B. ovpperpos — 14. BI] om. B; mg.
wm. 2: l'om lin. 13 — pijxee lin. 14, ut nos.  16. ofrw V. 10]
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propositae commensurabilis potentia, eadem longitu-
dine ei incommensurabilis sit, sic quoque eam ratio-
nalem uocari potentia tantum commensurabilem.

XIX.

Rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus secundum aliquem
modorum, quos diximus [u. lemma)], rationale est.

Rectis enim rationalibus longitudine commensura-
bilibus 4B, BI" rectangulum comprehendatur AT
dico, AT rationale esse.

4 nam in 4B construatur quadratum
Ad4d. itaque A4 rationale est [def. 4].
' | et quoniam 4B, BI" longitudine com-
A————B mensurabiles sunt, et 4 B=B4, B4
et BI longitudine commensurabiles sunt. et B4 :BI"=
dA4: A [VI, 1]. itaque 44, A" commensurabilia
sunt [prop. XI]. ‘uerum 4 A rationale est. itaque etiam
AT rationale est [def. 4].

Ergo rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus, et quae sequuntur.

XX.
Si spatium rationale rectae rationali ‘adplicatur,
latitudinem rationalem facit et ei longitudine]commen-
surabilem, cui adplicatum est. ‘

Salt.) corr. ex tjy m. rec. P. AT} e corr. P.  16. fotly P,
ol ! V. 0]t b. A4F. 17 dotiy P, om. FV. 18,
prines ovppétomy] om. BVb.,  Ante xal add. 298sdy F.  nal
T éfig] om. PV. 19. »'] seq. ras, 1 litt. B, e’ F. 21,
moel)] -#i e corr. m. 1 F.  r§] corr. ex w m. rec. b.



10

15

20

60 TTOIXEIQN ¢

‘Pprov yep ©0 AT mege fneiy xere tve maeiwy
TGy mposipnuévey teémey Ty AB magefcfiicde
nAdrog mowovv iy BI™ Aéyw, Gte énry) devwwv y BI
xal ovppstgog i BA pixet.

"Avaysyodpda yap and tig A Brerpayovoy td A4
dnqrov doa éotl 1o Ad. nzov 6 xal ©0 AT evu-
petgov oo fotl 0 A4 16 AL xal fotv o T6
A A ngdg 0 AT, ottwg 1 4B medg v BI'. ovp-
uergog &pa detl xal % 4B T BI'* oy 0t § 4B zjj
BA" evppctoog doa xal ) AB tjj BI. gy 0¢ deruy
N AB* {qry dpa Zotl xal 7 BI" xal evuuergog T
AB pixet.

Eav gpa ¢qrov mepe §nriy xepafindi, xal ve éEvg.

’

xa'

To vd ¢nrdv Svvapes udvov 6vuuérpov -
Dedy wegueydpcvoy dpdoydviov dAoydy oLy,
xal 7 Svvapévy avrd &loyds 6Ty, xalslcdw
0 uéen.

‘Tro yag dnqraov dvvduse povoy cvpudreav evdeidy
v AB, BI' dpfoyaviov megiegécdm 10 A" Aéyw,
0te &doydv dore 10 AT, xal 5§ Svvapdvy adro &loyos
dorwv, nalslodw O pion.

"Avaysypd@pdo pap and tijs AB teredyavov o 44" -
¢nrov doa dorl 16 Ad. nal émel acvupergds fotiv

1. ¢nriv iy AB V. 2. elonuévoy Theon (BEVD). o»

AB]om. V. 8. mooiw P. 4 ABP. 5. AB] cormr. ex
Am. 2 F. 8. 8sctv P. AT)TAF. 1 éloctv P. 44]
A4 V. 8. tijv] om. BFb, 9. dett» P. 4B} (alt.) post
ras. V, B4 F. ~10. BA] Aecorr. m. 1 P. dex — 7] in
ras. m. 1 P. 12. BA BVb, 18. av F. mapa §nriv]
om. F. neeofindy] om. P. Seq. lemma, u. app. 14.
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Rationale enim spatium AI" rectae 4B rationali
rursus secundum aliquem modorum, quos diximus
[u.lemma p.56], adplicetur latitudinem faciens BI. dico,
BI rationalem esse et rectae B 4 longitudine commen-
surabilem.

construatur enim in 4B quadratum A4. A4 igi-
tur rationale est [def. 4]. uerum etiam AI" rationale
4 est. itaque 4.4, A" commensurabilia sunt.

et 44: A= AB:BI’ [V], 1]. itaque 4B,
4 BI’ commensurabiles sunt [prop. X1]. ue-
| rum 4B= BA. itaque etiam 4B, BI" com-
mensurabiles sunt. sed 4B rationalis est.
itaque etiam BI rationalis est et rectae
AB longitudine commensurabilis [def. 3].

Ergo si spatium rationale rectae rationali adpli-
catur, et quae sequuntur.

XXIL

Rectangulum rectis rationalibus potentia tantum
commensurabilibus comprehensum irrationale est, et
recta ei aequalis quadrata irrationalis est, uocetar
autem media.

Rectis enim rationalibus et potentia tantum com-
mensurabilibus 4B, BI" rectangulum AI" comprehen-
datur. dico, rectangulum 4 I'irrationale esse, et rectam ei
aequalem quadratam irrationalem; nocetur autem media.

nam in 4B quadratum construatur A44. itaque
A A4 rationale est [def. 4]. et quoniam 4B, BI longi-

r

%xc’) « in ras. m, 1 B, xf’ F et sic deinceps. 15. Post gnraw
add. 30 B. 16. {o1: PBYV, comp. Fb. 17, {6rs BV, comp.
Fb, ferar P.  22. don: PBV, comp. Fb.
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% AB tfj BI wijxe® dvvduer pag wpévov vmixeivras
ovuustgor” ion 0t 7 AB tjj Bd, dovppergog &pa
dotl xal ) 4B tff BI unmxse. xal éotiv og 7 4B
npog v BI, oVrtwg 10 A4 npds vo A" aovpus-
toov dga [éotl] 10 A4 v AL §qrov 8t ©0 J4-
dloyov dga fotl 1o AT dore xal m Ovvaudvny o
AT [tovtéorey 7 loov avr@ terpaymvov Jvvapivy]
thoyog fotiv, xaksic®a O pfom: Omeo édew dcitar.

Afjppe.

Eav a6t dvo e0deiau, Eotiv g 7 Moty mEog THY
dsvrépav, ottwg TO Amd Tig mMEwTNg WEOS TO VA0 TGV
dvo svdedv.

éormeay dvo evdelar ol ZE, EH. iéyw, 6t oviv
g 9§ ZE mpog tyv EH, ottwg ©0 dnd tijs ZE mpdg
70 Um0 tov ZE, EH.

avaysypdpdeo yap ano g ZE rergaymvov 10 A Z,
xal Guuneningancdo 1o HA. inel ovv detw og 4 ZE
nedg v EH, otteg 10 Z4 mpog ©o AH, xal fome
10 uiv Zd to and vijs ZE, ©d 0t 4H ©o vmd tiv
AE, EH, rovréor ©6 vmd tov ZE, EH, fotw dpa
og 1 ZE mpog v EH, otrwg 10 and tijs ZE mols
76 Vw0 1ov ZE, EH. oOpolwg 0% xal og 6 vnd THV

1. BI') ’'BV. ydg] comp. F, supra scr. 8¢. 8. Zoziv B.
dB] (alt) B4 P. 4. ATI'] corr.ex AB m. rec. P. 5. éoriy
B,om P. A4 FV. Ad4F. 6. %civP. 1. 7] supra scr.
m. 2 V. 8. 4ot PV, comp. Fb.  Ante Gmzo add. P:
diee 76 (mg. m. 1) tiw loov dvaygdpoveay tetedyavoy 16 AT
1ool®, 7y nolsi péony, péony avaloyov elvas vdv AB, BI;
eodem loco Theon: dia o0 o dx’ avtig zetoaywvov looy elvar
t oo tév AB, BI" xal péony dvdloyor aveny ylyveeBas (yi-
vec@ar BV) tov AB, BI' (BFVb). 9. ijuua y V (cfr. app.).
10. doey B. )] 3 o¢ F. 11 nqécf supra scr. m. 1 F.
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tudine incommensurabiles sunt (supposuimus
enim, eas potentia tantum commensurabiles
B 4 esse), et A B=BJ, etiam 4B, BI longi-
tudine incommensurabiles sunt. et 4B:BI"
= A44: AT [V], 1]. itaque A4, AT in-
commensurabilia sunt [prop. XI]. uerum 4 4
r— 1 rationale est; quare 4 I irrationale est
[def. 4). itaque etiam recta spatio 4I" aequalis qua-
drata’) irrationalis est [def. 4]; uocetur autem media;
quod erat demonstrandum.

Lemma.

Datis duabus rectis est ut prima ad secundam,
ita quadratum primae ad rectangulum duarum illarum
rectarum.

Datae sint duae rectue ZE, EH, dico, esse

ZE:EH=ZE*:ZE><EH.
z E H describatur enim in ZE quadratum
AZ, et expleatur H4. ijam quo-
niam est ZE:EH = Z4:4H

a [VI, 1), et ZJ = ZE*, AH — AE
> EH = ZE>< EH, erit
ZE:EH—ZE*:ZE>< EH.

1) Uerba tovtéouy — dJuvvapévn lin, 7, quae nihil ex-
plicant, subditicia habeo (pro dvvapéyn Augustus coni. drayec-
govea). quae adiiciuntur lin. 8 (u. not. crit.) in P apertissime
scholiastae sunt (xalsi); quare etiam additamentum simile codd.
Theoninorum ipsi Theoni, non Euclidi tribuendum est.

97d) corr. ex dnd Fb. 14. meés— ZE]mg m.2B. EH]

HE F. 17. td] corr. ex ziig F. 18, t/;»] om. b. douew P.
19. 10 vné — 20. rovréor:] supra ser. F.  20. rovtéonwy P.
22. xal og) ins. m. 2 F.
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HE, EZ mgog 0 and tig EZ, vovréoriv ag 10 HA
npds 10 Z 4, ovtws § HE medg vy EZ" Gmep édee
dsifo.

2f.

To amd uéong maga gnrnv mwepaPfailogcvoy
nwldtog moiel §nTRv xal advpucroov tij, wagQ
NV megdxsiTal, pixse.

*Eotw uéon ptv 7§ A, éqry 0t § I'B, xal vé dmo
tijg A ldov mape v BI mapafefliote ywelov 6pdo-
yoviov 10 B4 mldzrog motovy Ty I'd* Aéym, Ote dnryj
éorw 1) I'd xal covpuerpog vfj I'B prjxec.

’Enel yap uéon éotlv 1 A, Ovvarar ywplov mepi-
egousvoy TmO {nqrav Ovvdust WoVOY OCUUUETQWY.
dvvaedo vo HZ. dvvarar 6t xal 16 B4 [oov doa
éotl 10 Bd v HZ. ¥or 0 avrg xal lGoywviov:
tov 0t loov e xal (ooyoviov magpalinloyeappwv
evunendvdacwy af mlevpal af mspl rag l[dag yovies:
avdloyov doa éotlv og ) BI' mgog v EH, otrwg
1 EZ mpdg v I'd. forww &oa xal og 10 dnd Tijg
BT mobg ©d 4nd tijg EH, ovrws 10 dno tijg EZ mpog
10 ano tijg I'd. ovppergov 04 dovi ©o and tig I'B
16 and tijg EH* $qry pdo éotwv éxavépa avrdv’ ovu-
pergov doa o1l xal t6 amd tig EZ 16 ano g I'd.
nrov 8¢ éome 10 amd tiig EZ* ¢nrov dea éotl xal
10 ano g I'd" ¢nry coa éotlv % I'd. xal émel
aovupergog dovwv 1 EZ 1) EH e dvvdpse pag
uorey &lol ovupustgor® og 0% § EZ meog tyv EH,

2. Zd]] corr. ex JZ V, 4Z BFb. HE] inras. V. &mep
£3es deiter] comp. P, om. Theon (BFVD). 6. sopuergoy P.
corr. m. 2. tj] corr. ex e m.rec. b. 8. xai — 9. ywelov]
in ras, F, 9. doPoywvior] m. rec. V. 13. pdvov] in ras. F.
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similiter etiam HE>< EZ:EZ*=—=HA:ZA=HE:EZ;
quod erat demonstrandum.

XXIIL

Quadratum mediae rationali adplicatum latitudinem
facit rationalem et ei, cui adplicatum est, longitudine
incommensurabilem. '

Sit media A, rationalis autem I'B, et quadrato 4®
aequale rectae BI" adplicetur spatium rectangulum B4
latitudinem faciens I'4. dico, I'4 rationalem esse et
rectae I'B longitudine incommensurabilem.

nam quoniam media est 4, quadrata aequalis est
spatio rectis potentia tantum commensurabilibus com-
prehenso [prop. XXI). sit quadrata aequalis HZ.
uerum quadrata etiam spatio B aequalis est. itaque
BA=HZ. uerum idem ei aequiangulum est. parallelo-
grammorum autem aequalium et aequiangulorum latera
aequales angulos comprehendentia in contraria propor-

B___ tione sunt [VI, 14]. itaque BI": EH

H =EZ:I'4. quare etiam BI"*: EH?

== EZ®:I'4* [VI, 20]). uerum I'B?

et EH® commensurabilia sunt; nam

utraque rationalis est. quare etxam
Z EZ3 et I'4* commensurabilia sunt
[prop. XI]. uerum EZ? rationale est; quare etiam I'4#?
rationale est [def. 4). itaque I'4 rationalis est. et-
quoniam EZ, E H longitudine incommensurabiles sunt
(nam potentia tantum commensurabiles sunt), et est

LN

r 4 E 2

14. dvvarau] dvvacdar b.  JBP. 16. éoviv P. 4B P.
forv PB. avzo FV, 168. z¢] corr. ex 8¢ m. 1 P, om.

FV. 21 IBle corr V, B['F. 28. doziv P. 24 dotiv P.
dotly P, 26. 40tiv] postea ins. F. 26. HE F.

Euolides, edd. Heiberg et Menge. III. 5
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obrwg t0 amo tiis EZ mpdg t0 vmo tov ZE, EH,
dovppstpov dga [éorl) to dnd vijs EZ to vmd vov

ZE, EH. dida t¢ pdv awd vijg EZ avupetoov fote

0 dmd tiig I' 4" $qral pdp elor Svvaue v 6% vmod

5 tdv ZE, EH ovpustév éove vo vmo tév ATy I'B*

loa pdg Zom T and vijg A° dovppctgov &po éotl xal
0 and vijg I'd ©¢ vmd tév AT, I'B. g 0} ©o and
tiig I'd mpdg 16 vmo tov AI'y I'B, otrag dotiv 9
AT mgog v I'B* dovppetgog doa éotlv 7) AT

10 I'B wijxer. gy dpa oty ) I'd xnel dovpuergos 7
I'B pijxer Omep &0 delbac.

1y’
H tf} péoy ovpucrpos péan éoriv.
"Eetw péon 1 A, xal tff A ovppergog foro f B-
15 Adyw, 8t xal n B uéen éoviv.
‘Exxclofo yeo fqry  I'd, xel 1@ pdv dxd tijg
A loov mage v I'd megafeflijodo ywelov dpdo-
yoviov t6 I'E mddrog mowoty v EA* §quy Gea
dotlv ) Ed xel aovppergos vff I'd wijxs. v¢ 0F
20 and tijg B loov mege iy I'd mapafefiicda ywelov
opdopdviov vo I'Z midrog mootv toy AZ. dmel
olv ovpuereds fotiv 4 A ty B, obpuerov dor xal
©0 dmd tijg A to amd vijg B. diie 1¢ plv dmd
tiig A lgov éovl vd ETI', ¢ 8% amd tijg B loov forl
25 t0 I'Z* evppsrgov doa dotl ©0 EI td I'Z. xal

2. doty dox FV. lorl] om. P. 8. @] corr. ex 16 V.
Aml om, V. 4. elaww P. Jvwdus] eras. V, dein add. ¢
doo Jdideiwzan. 6. ovppéreoy P, corr. m. 1. fott] om.
BFb. 8. glo: BVb. ovppergoy F, sed corr. focdv P. 7.
I'B nequeyopévp V. 8. I'd] sI'F. 9. I'B] T'4b, ldotty]
om. b. 11. omep £8es Jsitar] om. BFD, comp. P. 12, xy']

x
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EZ:EH=EZ*:ZE><EH[u.lemma), EZ*etZE><XEH
incommensurabilia erunt [prop. XI). verum EZ2et " 4*
commensurabilia sunt (nam potentia rationales sunt);
ot ZE>< EH, A" ><I'B commensurabilia sunt (nam
quadrato 4* aequalia sunt). itaque etiam I'4® et
A4 >< I'B incommensurabilia sunt {prop. XIII]. uerum
A : A }<XI'Bea= AI':I'B [u. lemma]. itaque AT,
I'B longitudine incommensurabiles sunt [prop. XIJ.
ergo I'4 rationalis est et rectae I'B longitudine in-
commensurabilis; quod erat demonstrandum.

XXTII.

Recta mediae commensurabilis media est.

Sit media 4, et rectae 4 commensurabilis sit B.
dico, etiam B mediam esse.

ponatur enim rationalis I'd, et quadrato 4* ae-
quale rectae I'4 adplicetur spatium rectangulum I'E

4+ g |latitudinem faciens E4. itaque EA
————— — rationalis est et rectae I'4 longitudine
_r_ incommensurabilis [prop. XXII). qua-

—
drato autem B*® aequale rectae I'd
adplicetur spatium rectangulum I'Z
a7 latitudinem faciens 4/ Z. iam quoniam

A et B commensurabiles sunt, etiam
A* et B® commensurabilia sunt. uerum A4* == ET, B® ==
I'Z. itaque EI', I'Z commensurabilia sunt. et EI': I'Z
== E4:42[V11). itaque E 4, 4Z longitudine commen-

om.P. 14, forw] (alt.) om. BFb. 18. t®) w6 F. 20. 4T
BVb. 2. TZ)corr.ex EZF. ZaP.  ix{P, corr. m.
rec. 22. dors] postea ins. F, doriy P.  28. A] corr.ex 4BV,
A dou F. 24, dox/] (alt) om. Vb.  25. I'Z] (prius) Z in
ras. m. 1 P.
5%
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dotwv dg to EI mpog ©6 I'Z, otrwg ) EA meos iy
AZ- cvppetgos dga éotlv § EA vff AZ pixe. éqry
0¢ éotv | EA nal aovupsrgog tf] AT pijxes gney
fga éotl nal ) AZ xal acvppergog tff AI' prxee af
I'd, 4Z éoa §nral elor Svvduer povov evupergor.
7 0% 10 vwd nrdy Svvdpe pdvov cvpustpev Ovva-
uévy uéon éotlv. 7 doa 16 Tmd vov I'd, AZ dvve-
pévy péon éovlv: wal dvvater ©o Vo tov I'd, 4Z
7 B' uéey doa éotlv 7 B.

Idgtopa.

'Ex 07 tovrov gavepdyv, Ott td 16 péoe pwele
ovppctoov péoov éotiv [dvvevrar pho avta svdsio,
of eloL dvvdpsr ovppergol, dv 7 érépe udon’ Gore xel
7 Aoumy uéen doviv].

‘Qoavrag 0t voig énl tdv nrdy slonuévoig xal
énd 1év péowv axolovdel, v tij péoy wixe ovu-
uetov Adyeodar néany xal ovppsTgov avTy uy povov
wijxes, adde xal Ovvduer, éneidrjmeg xaddlov af wijxs
ovppergor mwavreg xol Svvaps. dov 0% tf péoy ovu-
peteds tig 7 dvvdusl, & piv xal pixe, Adpovrar xal
ovtwg péoar xal ovppsrgor wixse xal Svvduer, & Ok
dvvdues povov, Aéyovrar uésar dvvduss uovov ovu-
uETEOL.

4. loriv PB. 6. elotv PB. 6. 7 8¢ 6] w0 8¢t BFVb.
Post ovpuéroov add. ev@eidy mequeyopevoy dodoywdviov dlo-
yov dote xal{ b, F mg. m. 1, V m. 2; deinde seq. adto &ioydy
dons, naleloBw 82 b, I mg. m. 1; 7 Svvapévy adro &loyds dony, |
neeleizoar 8% péop V m, 2, 7 Svwapévny BFb, et V (del
punctis). 7. péon] supra scr. F.  péon feriv] punctis del. V.
7] m. 2 B.  dvvapévn] Svvdper §b. 8. dozl Vb, comp. F.
9. 7 B] (prius) HB Bb. 12. {0zl BV, comp. F.  avzd]
-te in 1a8. V, adsp F, avtd of B, «f add. m. 2 V. 18, elow
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surabiles sunt [prop. XI]. uerum EJ rationalis est et
rectae 4I' longitudine incommensurabilis. itaque etiam
AZ rationalis est [def. 3] et rectae 4I" longitudine
incommensurabilis {prop. XIII]. itaque I, A Z ratio-
nales sunt potentia tantum commensurabiles. recta
autem quadrata aequalis spatio rectis potentia tantum
commensurabilibus comprehenso media est [prop. XXTI].
itaque recta quadrata spatio I'/>< 4 Z aequalis media
est. et BB =Id>dZ. ergo B media est.

Corollarium.

Hinc manifestum est, spatium spatio medio aequale
medium esse. ")

Lemma.

Congruenter iis, quae de rationalibus diximus [prop.
XVIII coroll.), etiam in mediis sequitur, rectam mediae
longitudine commensurabilem mediam uocari ei non
modo longitudine, sed etiam potentia commensurabilem,
quoniam omnino rectae longitudine commensurabiles
semper etiam potentia commensurabiles sunt. sin
recta mediae potentia commensurabilis est, si eadem
longitudine est commensurabilis, sic quoque mediae et
longitudine potentiaque commensurabiles uocantur, sin
potentia tantum, mediae potentia tantum commensu-
rabiles nocantur.

1) Sequentia lin. 12— 14 obscura sunt et sine dubio sub-
itina.

PB.  20. & péy — 21. 8 dvwdpe] om. Fb; post avpuerooc
lin. 22 ea hab. V (punctis del., add. o 3t Ekije ody eveédn &
ti Pifilp tot épeolov xal dmari®n?) et B mg. m. 2 (add. in
fine povow). 22. uéyov] (prius) del. m. 2 B. ovppETQOL)
m. 2 B, Seq. lemma, u. app.
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%0,

To Um0 puéoov pfxe. cvuuérpov svdsaiav
xerd Tive tThv Eloyuévev Teommv megLe)d-
uevov 6pdoydviov puéoov eriv.

5 ‘Twd pae upéoov wixs ovuuireov Vdadv Ty
AB, BI" mspiezéodm Spdoywviov to AT Aéyw, St To
AT uéeov éoriv.

‘Avaysppdpdn pap amd tig AB tevgaywvov o
A4 péeov doa dotl ©0 Ad, xol émel ovuustods

10 édovv % AB tjj BI wijxer, loy 6 9y AB =} B4,
ovuuetgog dpa fotl nal ) 4B tfj BI' uixe dote nal
10 44 vd AI ovpustov dotww. péoov 0% ©o 44
uéoov doa xal o AI™ Gmep &ds dsitas.

’

x5,
15 To vmd péowv Svvdusr pdévov cvupuéreav
evPedy megueyopevoy dpPoydviov froe fnTov
7 uéoov detiv.

‘Trd pap uéowv Svvaps udvov ovuuéromv &v-
8ady tdv AB, BI d¢doydviov megueyéodm ©d AT

20 Aéym, otr 10 AT fror fmrdv 1 péoov éotlv.
‘Avayeyoipdm pip dnd vov AB, BI' rergdyove
¢ Ad, BE' péoov dpa dotly éxdregov tov Ad, BE.
xal xxelodo fyry v ZH, nal té uiv A4 lgov mega
iy ZH mogafefiijcba dpdoyoviov mapailnidyooyu-
25 pov ©0 HO® midvog mowotw tyy ZO, te 8% AL igov
mage Ty OM magaPspiicdm dpdoydviov magedin-
8. xnatd — tgémwy] om. BFb, supra scr. m. 2 V (xotd uve
téy eras.). 6. mequézeodas B, corr. m. 2. 9. 4] (prius)
inter 4 ot 4 ras. 1 litt. V. 11 doeiy PB. 4 BJ e corr.

m 2V, BgF. 12, dore V, comp. Fb. 447 e corr. m.
2 V. 16. edBudy] m. 2 V., 19, wequeréoBo dedoydwvioy P.
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XXIV.

Rectangulum rectis mediis comprehensum secundum
aliquem modorum, quos diximus [u. lemma], commen-
surabilibus medium est.

Mediis enim 4 B, BI" longitudine commensurabili-
bus comprehendatur rectangulum AI' dico, AT" me-
dium esse. ‘

nam in 4B quadratum describatur 4 4. itaque
A4 medium est. et quoniam 4B, BI' longitudine

I' commensurabiles sunt, et 4B =B 4, etiam
4B, BI longitudine commensurabiles sunt.
‘quare etiam 4 A4, AI" commensurabilia sunt
4 B [VI, 1; prop. XI]. uveram 4.4 medium est.

ergo etiam A" medium est [prop. XXIII
4 coroll.]; quod erat;demonstrandum.

XXV.

Rectangulum rectis mediis potentia tantum commen-
surabilibus comprehensum aut rationale aut medium est.

Rectis enim mediis 4B, BI potentia tantum com-
mensurabilibus comprehendatur rectangulum 4 I', dico,
AT aut rationale aut medium esse.

y "2 H nam in 4B, BI' quadrata
describantur 44, BE. itaque

l rle m u{:_rumque A4, BE medium est.
4 B et ponatur rationalis Z H, et qua-
‘ L1 |k N drato 44 sequalerectae ZH ad-
s E |4 plicetur parallelogrammum rect-
wequézec@ar B, corr. m. 2, 20. douy 7 péoov V. 23.
ZE F, corr. m. 2. o] corr. ex 6 V. 25. mijv] corr. ex

% m 2 F
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Aopgappov 10 MK miAdrog mowovy vy OK, xal in
t9 BE [loov Opolwg mage tjv KN megafeflicdm
70 NA mldrog mowovy wiv KA én’ s0dsing doa
elolv of 20, OK, KA. énsl ovv pdeov fotlv éxd-
tegov 1év Ad, BE, xul dotwv loov ©o pdv A4 t
H®, t6 0t BE t6 N A, péoov dga xal éxdregov tav
H®, NA. xal moapa dyryy vy ZH magdxsizar” $nry
doa dotly éxarépe tov 2O, KA nal devuppergos i
ZH pixer. xal émel ovppsteév éov 16 Ad 6 BE,
ovppctooy oo dorl xal to HO td NA xal éotiv
g 70 HO mpds 10 N A, olrwg % ZO meog tyv KA
ovppetos &go dotly 1 26 vff KA winer. of 2O, KA
ape gnrel elov prxse ovuppergor §nrov dpa fotl 7O
Um0 tov ZO, KA. xol énel oy dotlv 3 ulv 4B tj
B4, 7 0t EB fj BI', éotwv doa &g 1) B npds v
BT, ottwg 7 AB medg vy BE. cld’ og pydv 1 4B
npdg v BT, otrwg 10 44 mdg tdo A" dg 6 %
AB mgog iy BE, otrwg td AT meog w6 I'E" Zorw
doo g 10 A4 mpog 10 AT, otrag 10 AT moog o
TE. loov 04 dotv ©0 ptv A4 w6 HO, w0 0 4T
19 MK, ©6 0% ' v NA- fotw &oa og t6 HO
ngdg ©0 MK, ovrwg 16 MK medg 160 NA* fonwv doa
xel og 9 ZO meog v OK, otrwg 9 OK medg v
KA o dga vmd vov 2O, KA ooy dotl 165 and tijg
OK. ¢nrov 0} ©o vmod oy 2O, KA §yrov doa dotl
xal 0 dmd vijg @K' ¢yry dga dotiv 1} OK. xal &
udv ovuperpog dote v ZH wixe, ¢nrov fore o ON-

2. loov — KN] mg. m. 1 F, in textn diilw maga ti»
KN, 4. «f] corr. ex ta{ F m. 1, supra m. 2 P. 6. N4]
Necor V. aex ot V. 1. NA! MA bet F (Min ras.).

Ante ¢nry ras. 5litt. V. 8. foriv] fotinal V. 9. nal émel]
inel o9y Theon (BFVDb). 10.doei» P. 6)m.2F. O6HF.
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angulum H@ latitudinem faciens Z®, rectangulo autem
AT aequale rectae ® M adplicetur parallelogrammum
rectangulum MK latitudinem faciens @K, et praeterea
quadrato B E aequale similiter rectae K N adplicetur N4
latitudinem faciens K 4. itaque Z®, ®K, K 4 in eadem
recta sunt. iam quoniam utrumque 4 4, B E medium est,
et A4 = H®O, BE= N, etiam utrumque H®, N A
medium est. et rationali Z H adplicata sunt. itaque utra-
que ZO®, K A rationalis est et rectae ZH longitudine
incommensurabilis [prop. XXII]. et quoniam 44, BE
commensurabilia sunt, etiam H®, N4 commensura-
bilia sunt. et HO: NA=Z@: K A [V], 1]. itaque ZO,
K A longitudine commensurabiles sunt [prop. XI]. ita-
que Z®, K A rationales sunt longitudine commensura-
_biles. itaque Z®>< KA rationale est [prop. XIX]. et
quoniam 4 B=BA,5B=BT, erit 4 B:BI'== 4 B: B},
nerum AB:BI=A44: 4 [VI, 1], et AB:BE =
Al:T'E [VI, 1]. quare 44: A'=AI':T'E. uerum
Ad=HO, A'=MK, I'§=NA. ergo HO: MK=
MK:NA. quare etiam Z@:0K=0K:K 4 [V], 1].
itaque ZO>< KA=0K?* [V], 17]. uerum ZO< K A
rationale est. quare etiam @K?* rationale est. itaque
O K rationalis est. et si rectae ZH longitudine com-
mensurabilis est, ®N rationale est [prop. XIX]; sin

sal] om. FV.  Post dovww add. doa xaf V. 11. 86H F.

w6y P, sed corr. AN e corr.m. 2 V. ] om. Bb. 13.
dotivy P, 14, 4B] e corr. Vb. 15, KB corr. ex ZB V.

4B B4 F. 16. BE] corr. ex BZ P. 17, wj»] corr. in
w0 F, w6 b. 18. §B B. foriy — 20. 'E] mg. m. 2 B,

19. 44) in ras. V. AT'] (alt.) T4 F. 20. I's] in
ras. V. éorv P. 24. dotty P. 25. dotiv PB. 217.
fost P,  Post vy add. ® M <ovtéons tfj V, B. m. 2 (del. m.
rec). ©ON]ecorr.m. 2 V.
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&l 0} aovupereds éore 1fj ZH prpxer, af KO, OM $nved
slor Svvduse uovov Gvuuergor’ pédov dga tdo ®N. 1o
O N doa fror ¢nrov 1 uéoov fotlv. Ioov 6% ©6 ON
o A" ©o AT aga frov §nrov 1 uéoov éovlv.

To dpa vmo péewv dvvips povov evupéromy, xal
re éETg. .

x5

Mégov péoov ovy vmepéyes §nrd.

E! pap dvvardv, pééov vd 4B uésov rov AI'
negeréro dnvd t¢ AB, xal dxwelodw $nrny v EZ,
xal t@ AB loov maga vy EZ mogafefiiodo map-
alinioyoaupor dpBoyaviov to Z® midrog molovy
v E@, tg 8% AT loov dpneiede to ZH: loumdv
dge ©0 BA Aong tg KO édorww loov. ¢qrov ¢ éom
t0 AB* $nrov dga éotl xal 1o KO. énsl odv uioov
dotly Exdregov t@v AB, AT, xoil éove 10 udv 4B 6
Z@O loov, 10 6} AT v6 ZH, péoov doa xal éxarsgov
1oy 26, ZH. xal map $nryy iy EZ magdrsizor’
énry dpa dotly éxavépn tov @FE, EH xal aevpuctoog

20 tf} EZ wixer. xal émel fnrov dove 10 4B nol lomy

loov 1o KO, §nrov doe éorl xal 10 KO. xal mage
ey v EZ magaxeirant §nry doa doviv 1) HO xal

~ ovpuceroog v EZ wixer. alla xal 7 EH $yoif dome

1. K@) corr. in X m.2 V. ON B, OM &ua P. 2.
elosy PB. © ON)] in ras. V. 8. fjroe] om. Fb,  donw 9
péooy V. 4 2ot/ BV, comp. Fb.  b. t6 &ea] tav 84 F.

povay F.  xal ta Eifig] ed@eidy mequeydpevoy dpBoydwiov
ftoc dntov 7} péooy feriv: ~ P. 8. Post é&fig add. Gxep £0es
deitas V. 7. »q' P, corr. m. rec. 10. dmegézer F, sed corr.

11. =] 6 pév B, ©6 pév b. 14. 86X F. 15 4B] in
ras. V. dotiy P. OKb. 18 dors] domy B.  17. xal]
om. b. 18, mapaxsivrar V.  21. dovl] dotiv P. 22, Post
xaf ras. 1 litt. V,
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rectae Z H longitudine incommensurabilis est, K®, @ M
rationales sunt potentia tantum commensurabiles;
quare @ N medium est [prop. XXI]. @ON igitur aunt
rationale aut medium est. uerum ®N = AI" AT igi-
tur aut rationale est aut medium.

Ergo rectangulum mediis potentia tantum commen-
surabilibus, et quae sequuntur.

XXVIL

Spatium medium non excedit medium spatio ra-
tionali.

Si enim fieri potest, medium 4B excedat medium
AT rationali 4B, et ponatur rationalis EZ, et spatio
'AB aequale rectae EZ adplicetur paral-

. lelogrammum rectangulum Z @ latitudinem
P Fb faciens E®, spatio autem 41" aequale sub-
5 trahatur ZH. itaque relinquitur B4 =

2 E K@®. uerum 4B rationale est. itaque etiam

K@ rationale est. iam quoniam utrumque
AB, AT medium est, et 4B=26, A"
= Z H, etiam utrumque Z®, Z H medinm
K H est. et rectae rationali EZ adplicata sunt.

ergo utraque @E, EH rationalis est et
® rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam 4 B rationale est et spatio K@
aequale, etiam K@ rationale est.!) et rectae rationali EZ
adplicatum est; itaque H@® rationalis est et rectae EZ
longitudine commensurabilis [prop. XX]. ueruin etiam

1) Uerba z6 4B lin. 20 — fozt xed lin, 21 post lin. 14—15
superuacua sunt et fortasse interpolata. uerba ¢nror 8¢
lin. 14 — 7o A O lin. 15 damnaunit August. ~ - .
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xal dovpuergog tif EZ wixsi' acvpustgog doa dorlv
7 EH vij HO wijxs. xal éovww og 7 EH meds Ty
HO, otrwg ©o and tijg EH meos td vmd tov EH,

H®- dovppstgor dga fotl 16 amo tijg EH 6 vmd

tov EH, HO. ¢l té plv and tig EH ovppcroc
ot va dmwd tov EH, HO rergdyova® yra yep du-
@otrege” te 0% vmd rév EH, HO® edpuergdy éote 16
0l vmo tav EH, HO®  dumidowov pde ot avrod:
aovppstoe Goa €otl td dnd rov EH, H® ©d dlg vmo
tév EH, HO el ovvaupirspa fpa td 16 dmO TGOV
EH, H® xal to dlg vnd tov EH, H®, dnep éotl 10
and g E®, acduusredv éot rols and tov EH, HO.
énra 0% ta dnwd tov EH, HO" &loyov &pa o dmd
tiic E@. dloyog wpa éotlv % E@. cdhe xal nuij
omsg dotiv advvarov.

Mooy depa péoov ovy Umeoéyer ¢nre: Omep édes
dcikou.

xE'.

Méoag evpeiv dvvdpst pdvov cvupéreovs
énToY MEQLEYOV O

"Exxslodwoay 0vo ¢nral dvvdps udvov odppergor
ol A, B, nal sldjpdw tdv A, B péon avaloyov % I,
xal yeyovéim og ) A mds v B, ovtwg 7 I' meds
my 4.

Kol énel of A, B gnral &lov Svvdpss uovov ovu-
petgor, To doa vmd tev A, B, tovréon to awd tig I,
uéoov Zoviv. uéon dea 7 I. xal émsl dotwv og 9 A
neds v B, [otrwg] o I' mpdg v 4, of 0% A, B

4. aovpergov b.  tvé] e corr. b. 7. zé] corr. ex é B.

8. twy om. BF. 9. Zoz/» P. 10. twv] (prius) om. B. " 11.
tov] m, 2 F, om. B.  éoviy PB. 76 dnd] in ras. m. 1 P,

4
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EH rationalis est et rectae EZ longitudine incommen-
surabilis. quare EH, H® longitudine incommensura-
biles sunt [prop. XIII]. et EH: HO=EH*: EH><H®
[prop. XXI lemma]. quare FxH?®, EH><H® incommen-
surabilia sunt [prop. XI]. uerum quadrato EH® com-
mensurabilia sunt EH*4 H®*® (nam utrumque ratio-
nale est); et spatio EH >< H® commensurabile est
2 EH>< H® [prop. VI]; nam eo duplo maius est.
itaque EH®- H®* et 2 EH><H® incommensurabilia
sunt [prop. XIII). itaque etiam EH®*4-H®&*+2EH
><H®, hoc est E®*® [I1, 4], quadratis EH? 4 H®* in-
commensurabile est [prop. XVI]. verum EH®4 HE?
rationalia sunt. quare E®® irrationale est [def. 4).
itaque E@ irrationalis est [id.]. uerum eadem ratio-
nalis est; quod fieri non potest.

Ergo spatium medium non excedit medium spatio
rationali; quod erat demonstrandum.

XXVIL

Medias inuenire potentia tantum commensurabiles
spatium rationale comprehendentes,

Ponantur duae rationales potentia tantum commen-
surabiles 4, B, et sumatur earum media proportionalis
I’ [VL, 13], et fiat 4:B=1T":.4[V], 12]. et quoniam
A, B rationales sunt potentia tantum commensurabiles,
A><B medium erit [prop. XXIJ], hoc est I'® [V, 17].
t¢ and b, 18, §nrd — HO] mg. m. 1 P. Seq. ras. 1 litt. V.

14, dloyov b.  15. ddvvarov] -atov in ras. V. 18. pédoy
— 17. Ssiter] om. BFb; uédor doa péoov in ras. m. 2 V;
ufooy doa pécov ovy vmepézer m. 2 B, xal ta éEj¢ add. m.
rec. 16, omeg #3es Seifar] comp. P. 18, xs’ P, corr. m.

rec. 2b. slow PB.  26. tovtéouy P.  27. douiv] comp. Fb,
dot( PBYV. 28. o%twg] om. P.
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dvvdus pdvov [elol] ovpuctgos, xal of I'y 4 doa dv-
vdusr ubvov elol ovppevgor. xal dote wpéen n I
uéon Gou xal 7 4. af Ty 4 dpa péoo &lol dvvdue
pbvov ovmpergor. Afyw, Ore xal $nTov mepiéyovoiv.
b énel yog dotiv @g 9 A mpdg Ty B, otrwg 1 I meds ,
v 4, dveddaf dga otlv dg 1 A medg Ty I, 9 B mpdg
iy 4. @Ak ag 1 A medg tyv I, §y I’ medg v B*
xal og dpa 7 I’ mpog iy B, ottwg 1 B medg tqv 4°
to dga vmd tav I, 4 leov éotl g dnd tijs B. ér)-
10 Tov 6% 70 amd vijs B ¢nrdv &pa [édzl] xal rb Vo
tov I, 4. ‘
Etgnvtar dpa ;u’o‘al. dwapa povoy ovgpsroor
onrdv mepiégovom® Omeg Eds OstEa. :

\

xy.
15 Mdioag evpatv Svvaps povov dvppa’tgovg
ué6ov megiegovoag
> Exxslodwoay [toels] ¢nral dvvaper pdvov ovupe-
QoL ol A, B, I, xal st,’lﬁtpﬁm tav 4, B uéoy &‘ua'loyov
n A4, xal yayove'zm dg n B medg v I'y 0 4 mpdg
20 v E.
'Enel af A, B $qral elo dvvdue udvov evpuerpor,
7o &ga ¥md 1oy A, B, voutéeri ©d awd vijg 4, pécov
dovlv. péom dea 1 4. xal émel of B, I' dvvaue
udvov &lel ovupsrpor, xal oty og 7 B mpos v I,

1. elo/) om. BEVDL.  xal — 2. ovpper ;] om B 2.
fouy B. 8. elotv B. 4. xal 1éym I FP 10.
éot(] om. BFVb. m!og bis b, 12 nvm‘m; Vb 18,
nrov — Seitar] xal za £ffis P. Seq. lemma, v. 4.y
P, corr. m. rec. 17. Ante zeeis add. yde b, m. 2§‘PV t(mv] ’
om, P, Jeeis e08eiar F, aovppereor b. 19. T otrog

21, ooy af F. eloww B, corr. m. 2. 22. rovtéort P, 28.
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itaque I' media est [prop. XXI]. et quoniam est
A:B=TI:4, et 4, B potentia tantum commensura-
biles sunt, etiam I'y 4 potentia tantum commensura-
biles sunt [prop. XI]. et I"' media est. itaque etiam
7 4 media est [prop. XXIII]. I, 4 igitur me-
T diae sunt potentia tantum commensurabiles,
dico, easdem spatium rationale comprehen-
T 7 4 dere. nam quoniam est 4:B==1I": 4, permu-
tando [V, 16] est 4:I'==B: 4. uerum 4:I
4 B a=TI:B. quare etiam I':B==B:4 [V, 11].
itaque I'>< 4 == B? [VI, 17]. B? autem rationale est.
itaque etiam I'>< 4 rationale est.
Ergo inuentae sunt mediae potentia tantum com-
mensurabiles spatium rationale comprehendentes; quod
erat demonstrandum.

XXVIIL _

Medias inuenire potentia tantum commensurabiles
spatium medium comprehendentes [cfr. prop. XXV].
A ' ‘ Ponantur rationales potentia

4—1  tantum commensurabiles 4, B,

E 1 Iy et sumatur rectarum 4, B
F— ' media proportionalis 4 [VI,
13), et fiat B: == 4: E [VI, 12].

quoniam 4, B rationales sunt potentia tantum
commensurabiles, 4 >< B medium est [prop. XXI], hoc
est 4* [VI, 17]. itaque 4 media est [prop. XXI}. et

XXVIIL. Cfr. Proclus p. 205, 10.

B—

éot/ BVb, comp. F. I, B B. 24, Post sopperoor rep. o
&pa lin. 22 — A lin. 28 B, del. m. 2. 24. pv] om. b. r
ovrag V.
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1 4 mgog tqv E, xal of 4, E &pa dvvaue povov &lol
cvupcrgor. upéon 0t n A° péon éoa xaln E al 4, E
dpa péoar &lol dvvduer povov ovppergor. Adywm 0],
8te xal pésov meoiéyoveiv. émel yap éotwv og 7 B
npog iy Iy ) A4 modg v E, évalldeE doo og 7 B
npdg Ty 4, 7 I meog vy E. ag 6% 5 B mpds myw
4, 1 4 modg viv A" nal ag dea 3 A meds T A,
n I mods v E* 16 &pa vmd tav A, I’ loov ol 6
vwd tov A, E. péoov 0% 106 Umo 1év A, I" pésov
aoe xal ©0 Und tov 4, E.

Evonvrar dpa péoar dvvdust pudvov evuusrgor wé-
oov meguéyovoar’ omep &Ber delbar.

Ajupe.

Ebgeiv 0vo terpaymvovg doudpovs, @ore xal tov
ovprelpevoy # avrdv elvar tetgdymvov.

Exxelofwoay dvo dgudpol of AB, BI', éctwcay
0t firov &griow %) megurvol. xal émel, v te amd do-
Tiov dgriog dpaiped), édv Te AW MEQIEGOV WEQPLOGTS,
0 Aoumdg &oridg foviv, 0 Aoumdg &pa 6 AT &pridg
dotwv. terwicde 6 A 8lya xata 16 4. Ecrwoav
0t nal of AB, BI" 4jtoi. Guocor émimedor 9 Tevodywvor,
of xal avrol Opotol elow €mimedor’ 6 Foa éx vév AB,
BT pere vov and [vod] I'd verpayavov l6og fotl te
and to0 B4 tetpayive. xal fome terpaymvog O x
tov AB, BI', énzdrimep 20eiydn, Ove, éav dvo Suoioe
énimedor moldamdasidcavteg dAdjlovs moidel Tve, O
YEVOUEVOS TETQAY@VOg £0TIY. EUQMUTaL GQa OUO TETQX-

1. odppereor dvvapes pdvoy elol V. pévov] om. P.

elotv P. 8. eloly P. b. obtwg 3 4 V. 6.9 ' — ::ﬁv )
m 2B, 6 & — 7. 4 (prius)] mg. m. 1 F. 8. ovtwg
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quoniam B, I' potentia tantum commensurabiles sunt,
et est B:I'= 4: E, etiam 4, E potentia tantum com-
mensurabiles sunt [prop. XI]. uerum 4 media est;
itaque etiam E media est [prop. XXIII]. quare 4, E
mediae sunt potentia tantum commensurabiles.

iam dico, easdem spatium medium comprehendere.
nam quoniam est B:I'=4:E, permutando [V, 16]
erit B: 4 =1TI":E. verum B: 4 = A4: 4. itaque etiam
d:4=T":E. quare 4>}X I'= 4> E [V], 16]. sed
A><TI medium est. itaque etiam 4 >< E medium est.

Ergo inuentae sunt mediae potentia tantum com-
mensurabiles medium comprehendentes; quod erat de-
monstrandum.

Lemma L

Inuenire duos numeros quadratos eiusmodi, ut etiam
numerus ex iis compositus quadratus sit.

ponantur duo numeri 4B, BI, et aut pares sint

aut impares. et quoniam, siue a numero pari par sub-

_q4 trahitur, siue ab impari impar, reliquus par est

[IX, 24, 26}, reliquus 4TI par est. in duas partes

4 aequales secetur AI' in 4. sint autem 4B, BI

etiam aut similes plani aut quadrati, qui et ipsi

T gimiles sunt plani. itaque AB><BI'4+ I'4* = B.4*

B [II,6). et AB><BI quadratus est, quoniam de-

I F. 11. noenvrar Vb, Jpéoae] om. V. péooy — 12.
deifac] »al za Efng P.* 12, omee — Jeifar] om. BFb. 14,
aoudpods] m. 2 F,  16. Ante of add. Gpoios éninedor mg. m.
2B 17. 84 V.  Zmel] supra scr. m. 1 F.  z£] om, V.

18, meqitrod megerzdg V et b, sed corr. m.1.  20. ome BV,
comp. Fb. I'AP. 22 o] 4 b #] 9mé V, corr. ex
émd m.1b.  23. 7ot I'd] I'd B (corr. m. rec.) et b, 1@;
I'aP, 24 ABP. zergaydwvov P, corr. m 1. Zomw B.

28. #3ely¥n] om. b.  26. mowbaww B,  27. nfenrras FVh.

Euclides, edd. Heiberg et Menge. III. []
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yovor doubuol & ve éx tov AB, BI' xal 6 amo woL
4, of svvredévres morover tov amd rov BA rergd-
yavov.

Kol pavepdv, otv ebpnvrar mdiw 0vo Terpdymvor
8 1 ano tov BA xal 6 amd vov I'd, dove Ty Umep-
oyiy avréy tov vmd AB, BI &lver terpdywvov, otay
of AB, BI 8uoior dow éninsdoi. 8rav O} py aow
Ouotor émimsdou, eVonvrar 0vo tergdymvor O TE EWO
100 BA xal & and tov AT, dv % vmepoyy 6 vmod
t6v AB, BI' otx &ovi tetpdyavog” Omep &0e Oelfa.

Aqjupe.

Eigely dvo vevpayavovg apudpovg, dote tov &
abtdy euyxslusvov w1 elvar teTedymvov.

"Eoto yap 6 éx tdv 4B, BI, aog épausv, teroa-
yovog, xal dgriog 6 I'd, xal rerpiedm 6 I'd diya
16 4. @avegdv 01, ote 6 éx tov AB, BI' tergdyovog
pera tov and [vov] I'd rerpaywvov ldog €otl 16 amd
[zo¥] B4 tsrpayove. appeiode povag  AE° 6
doo éx tév AB, BI pere 1oy and [tov] 'E éidocay
ozl tod amd [rov] B terpayavov. Adpw ovv, on
0 éx vov AB, BI" tetodywvog pere tov and [tov) T'E
ovx forar teTpdymvog.

El yop Eora verpdyovog, firor ldog forl ¢ amd
[zot] BE 1 éAdoowv tob dwd [tov] BE, odxér. 6}

2. moumer V, sed corr. Bd4] supra scr. m. 1 F. TE-
toaydvov F, sed corr. 4. Mg. add. @ Bb, m.2 PFV. axdiw
nvenvrar F. noenvrar Vb. tetpayove P, corr. m. 1.

5. 6] (alt) om. P. 6. zév] tjy FV., o6 tav V. AB]
Bins. m. 2 P. zsrodyovoy slrar B. 8. nfgyvrar Vb, et
corr. ex eveyvrar m. 2 F. 9. 6] om. P. I'd BFV. 9]
om. b. 10. AB] A P.  Ante 3mee add. 60 dox P.  Omep
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monstranimus, si duo numeri plani similes inter se multi-
plicantes numerum aliquem efficiant, numerum inde pro-
ductam quadratum esse [IX, 1]. ergo inuenti sunt duo
numeri quadrati 4B >< BI'" et I'4%, qui compositi qua-
dratum B4 efficiant. et manifestum est, rursus inuentos
esse duos numeros quadratos B4? et I'4? eius modi, ut
eorum differentia 4 B><BI" quadrata sit, si 4B, BI"
plani sint similes. sin non sunt similes plani, duo
numeri quadrati inuenti sunt BA#? et 4TI, quorum
differentia .4 B>< BI” quadrata non sit; quod erat de-
monstrandum.

Lemma II.

Inuenire duos numeros quadratos eius modi, ut
numerus ex iis compositus guadratus non sit.
-4 Sit enim 4B >< BI" quadratus, uti diximus
13 [lemma 1], et I'4 par sit et in 4 in duas
9{ ¥ partes aequales secetur. manifestum igitur, esse
E-'-z AB>< BI' 4+ I'4*== B4 [u. lemma 1]. subtra-
hatur unitas JE. itaque 4B >< BI' 4 I'E* <
B.A. dico igitur, numerum quadratum [IX, 1]
AB>BI addito I'E? quadratum non esse.
-B Nam si quadratus erit, aut aequalis est quadrato
BE? aut minor quadrato BE? maior autem non est,

r

£3z1 8eifar] om. BF Vb, comg} P. 1s. rm] xeta 7o F, 8]}
om. P, 17. 10¥] (alt) ‘n)c 18 tov om. BFb, iig P,

B m 2 opolmg povag P 9. éx] dmé b.  tdv] Tod P,
BI terpdyovos V. 708) (alt) om BFb, zijcP, Bm, 2. dldo-
ooy éotl tov] in ras. m. 1 b. 20. -mv] om. BFb, tijs P,

m, 2 B. 21, o] om. b.  ro%)] &alt) om. BFb, ti¢ b. oo
fore P.  28. forar] foms BFb. fotiy B, sed corr. 24, 7od]
om. Bb, ¢ P. ° #ldeowv] z@% F, Hlacoov 8y b; didecoy B,
seq. ras. 1 litt., {lascort m. rec. tov — BE] om. V. -mv]
om. BFb.  ov9x fan b.

6‘
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xel pelfov, tva pn tundy 7 povds. Eotw, & Suvva-
©év, medregov 6 éx tov AB, BI' usra ot dnd I'E
l6og 7 and BE, xal fote tijg AE povddog Simda-
olov 6 HA. énel oov B8iog & AT Siouv zov I'd
dore dundaclov, dv 6 AH rob AE éoti Simlaciov,
xel Adowwog dga 6 HI' Aowwov tov EI éort dimdaciov-
Olya oo vévunrae 6 HI tg E. 6 doa éx tov HB,
BI' uyera voi awd I'E loog Zotl td ano BE rerpa-
yove. aiie xal 6 éx tdv 4B, BI' uete tov amd
T'E lsog vmoxeivar t dnd [roi] BE verpayaveo: 6
&po éx vov HB, BI pera tov andé I'E leog ozl ¢
éx tov AB, BI' peva tov and T'E. xel x0iv0v dpai-
esdévrog tov andé I'E ovvdyestar 6 AB loog v HB*
Omep dromov. ovx &px 6 éx tév AB, BI pera tov
axo [zov] I'E loog fotl v amd BE. Aéym d1j, Om
000t éidoowy tov énd BE & ypap Svvardv, iortm
16 and BZ loog, xal toi 4Z duwdaciov 6 @A xal
ovveyiostar walw dimdaociov 6 O tov I'Z' dore
xal vov I'® 0y terpijodar xave ©d Z, xal dix tovro
tov & twv @B, BI" pere tov ano ZI isov yivesBou
©¢ and BZ. vmoxertar 0% xal 6 éx tév 4B, BI' pera
tov and I'E loog td ané BZ. dore xal 6 & tawv
@B, BI" pera vob and I'Z loog éerar vi éx tdv AB,
BI" pera to0 amd I'E: Omep avomov. ovx &ea 6 éx .
vy AB, BI' peva vov and I'E loog éotl [ve] éAdo-

1. peifove (o et : corr.) B; yp. pedfove uoeitedy Zori supra
ger. m, 2 V., p1j] wijre Theon (BFVb), P m. 2. Post po-
vag add. Theon: pijte 6 éx tév AB, BI' peta tov dmd (tod
add. V) I'd, 8¢ éoruv 6 (om. b, mg. B) e¢né (rof add. PVD)
Bd (e corr. m. 2 V, 4B PBb), loog g 6 éx (tmé BV) zow
g;m. PB) 4B, Bl pera tob dmwod (z06 add. PV) T'E (BF Vb,

m. 2). &) corr. ex  m. 2 P. 2. wjs 'E P. 8. Tijg
BE P.  1ig 4E povadog] om. V.  Simidaciog P, 4. HA
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ne unitas dinidatur.’) prius, si fieri potest, sit 4B><
BI'+ I'E*= BE? et sit H4=2 4E. iam quoniam
Al'=2TIAd, AH=2AdE, erit etiam HI'= 2 EI.
itaque HI' in E in duas partes aequales diuisus est.
ergo HB><BI' - I'E® = BE?®* [II, 6]. supposuimus
autem, esse etiam 4B >< BI' 4 I'E? = BE®. quare
HB><BI'+4+ I'E*= AB><BI'-} 'E® et subtracto,
quod commune est, I'E?® concludimus, esse .4 B=HB;
quod absurdum est. ergo 4B>< BI'} I'E? quadrato
B E? aequale non est. iam dico, ne minorem quidem
esse quadrato BE®. nam si fieri potest, sit A B><BI’
+ I'E*=BZ% et ® 4 =2 A4Z. et rursus concludemus,
esse @I'=2TI'Z; quare etiam I'® in Z in duas partes
aequales diuisus est, et ea de causa @ B><BI'} ZI?
= BZ* [II, 6]. supposuimus autem, esse etiam

1) Nam AB><BI'4 I'E*<{ B4*. sit latus x. ergo habe-
bimus BE* < x? < (BE 4 1)*, h.e. BE<x < BE+1, ita
ut x fractio sit, quod fieri mon potest.

g 4E povadoc V. 6 dotiv P. aw o] 0 8¢ P. d&imlaciog
BFb. 6. xal 6 BFb. I'H V. d&wlaciog BFb. 7. Ante
¢ ins. dwé m. 2 F. HB] B e corr, F. 8. 106 TE V.
tod BE V.  10. rot] om. BFb. ~ 11. HE] H in ras. V.
BIrl]BHb. w5 F'EV. 12 #x] dmd V. tmv& t06 P.
AB] Ainras. V. zob TE V. 18. ©o9 I'E o]
7 P. foog 6] fon 7 P. 18. 709 I'E] T'E BFb, =i
T'E P. t00 BE V. o m:o téy HB, BI" loog té éx tov

4B, B’ mg. Fb. dn] om. b.  16. flessor F m. i, v (sed
corr.); éldgoovs F m. 2, b, B in ras. 10é6 BE V 17, to¥
BZ foog om. Fb m. 2 BV xelo&w o V. uul]

om, V. 19, o] tov F.  20. tév] wiv F. &x] w6 b. tov

Zrv. ylyveadar F, yevéshar Vb, 21. BZ] ZBBetV

(supra Z ras, est). 22.tov 'EV, BEb. BZ] in ras. V,
TE b. gote — 28. 6] maz% star &ou lsog & Theon
FVb) 24, pera] in ras. ost I'E add. Theon: g
% TV GB ;EB l? BI psw tob axo I'Z (BF VD). 25. doutv P,
6] om., datzom V.
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oove tov ¢xd BE. &0elyBn 84, Sm 000} [adrd] o
dno BE. ovx &pa 6 éx tov AB, BI' psta vob amd
I'E rerpdyovig ety [dvwarov 8} Ovrog xel xara
nAelovag Teomovg Tovg &lomuévovg deLduods émibein-
5 voaw, dexelemoay nuly of slonuévor, tva uy paxgoré-
eag 0V0Ong Tijs meayparelag éxl xAdov avtyy unxiveuey).
Sneg Eder dsibou.
%9,
Edpetv 8vo fnrag dvvdpse udvov cvupé-
10 TQovg, @ote Ty pelfova tijg éAaecovog puelor
dvvacBac T and cvpuéreov faviy urnxée
’Exxsloda yap tig dnry § AB xal dvo teredywvor
agdpol of I'd, 4E, dere tiy vmsooyy ovrdy Tov
T'E py) elva terpdyavov, xal yeyodpdwm ixl tiic AB
16 fpxvxiov ©0 AZB, xal memoujodw &g 6 AT meds
tov T'E, otrag 0 dnd tig BA terpdymvov mpog o
ano i AZ vergaywvov, xal émefevydo 7 ZB.
‘Emsl [oDv] dotwv g 10 anmd tiig BA medg ©d amod
vijs AZ, ovtag 6 AT meds vov I'E, 16 and viig BA
20 doa medg O amd viig AZ Adyov #qa, ov dguBuog 6
AT mdg ¢eududv wov T'E: cvppstpov doa fotl 0
¢no tijg BA 16 and tijg AZ. ¢yrov 8% td dmd Tijg
AB* (qrov doa xal 6 and vijg AZ° $yry doa nol
N AZ. nol dmel 6 AT moog tov T'E Adyov ovx &y,
25 Ov TeTpdymvog apLdpds wedg TETpAymvov aguiudv,
1. o0 BE V. ad16] om. P. 2. wig BE P; TE b.
Dein_add. Theon: o098} (om. b) peffowe avrod SBFVb) 3.
dons PBV comp, Fb, dvvarov ’J t in rae. plurium litt. B.
4. rodmovg) bis b. 70 elonpéwoy Theon (BF Vb). dotbpois]
om. Theon (BFVD éxiBeixvvery] ém- supra scr. F, in raa.
B; émdeutwvm . 8. donsloBw nuiv 6 elp §voc Theon

(BFVb) 7. oneq #8sc 8eifcr] om, Theon (BF b), 9. ev-
eloxeey B, 11. ti5] corr. ex zov m. 2 B. 13, téy] oy V.
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AB><BI'+TI'E®==BZ5 quare etiam @ B><BI"'-}-I'Z*
= AB >< BI' 4+ I'E?%; quod absurdum est. itaque
AB><BI'4 I'E? spatio minori, quam est quadratum
BE?, aequale non est. demonstranimus autem, ne ipsi
quidem BE? id aequale esse. ergo 4B><BI'4 I'E?
quadratus non est!); quod erat demonstrandum.

XXIX.

Duas rationales inuenire potentia tantum commen-
surabiles eius modi, ut maior quadrata minorem excedat
quadrato rectae sibi longitudine commensurabilis.

pouantur enim recta rationalis 4B et duo numeri

z quadrati I'd, 4 E eius modi, ut eorum
@ differentia I'E quadrata non sit
4 p [lemma I]. et in 4B semicirculus
\ . , describatur 4/ZB, et fiat 4I': TE
r kE 4 = BA*: AZ3 [prop. VI coroll], et
ducatur ZB.

quoniam est BA2: AZ'=JI':T'E, BA* ad AZ?
rationem habet, quam numerus 4I" ad numerum I'E.
itaque B.4?, AZ' commensurabilia sunt [prop. VI].
uerum A B? rationale est [def. 4]. itaque etiam A4Z*
rationale est [id.]. quare etiam A Z rationalis est. et
quoniam AI':I'E rationem non habet, quam numerus

1) dvvazod lin. 3 — pynvvouey lin. 6 Euclides non scripsit;
uncis ea inclusit August II p. 869. nescio, an idem recte de
ambobus lemmatis totis dubitationem iniecerit. sed satis an-
tiquo tempore interpolata sunt.

15. o] supra ser. m. 1 V. 6] ras. F.  4I'] in ras. m.
1 P. 17, zetedyovor] om. V. 18, o6y] om. P.” 19, 4I']
rda V. 1 dovly P. 28 xal %) % P. 24 4I'| I'd F.

ovx) supra scr. m. 1 P, . 25, 6v 6 .
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ovdt 10 and vijs BA &pa mpog 0 amd tijg AZ Adyov
&y, Ov terpdymvos dududs mpdg TsTEdYOVOV RQLY-
pov* dovupsrgog &Goa dovlv | AB v AZ pijxe ol
BA, AZ cpa ¢$qral cloe Svvapst pdvov ocvpuergor.
xal émel [dorww] g 6 AT mgog vov I'E, ovrwg v
and tijg BA mpdg ©o amd vijs AZ, avacreépavu Gga
og 6 I'd ngog tov AE, otrwg 0 amd tijg AB medg
20 and tijg BZ. 6 0t I'd mpdg tov AE Adyov Eyei,
ov terpdymvog duBuog medg tetpdywvov deududy:
xal ©0 dmo tijg AB &pa mpog 0 dwo thig BZ Adyov
x5, Ov Terpdymvog deuBuog Mg TeTPdyavoy deLBRdY
ovpperpog dpe dovly 9 AB v BZ pine. xel dore
©o and tijg AB loov voly axd tov AZ, ZB' 7 AB
doa vijg AZ petfov dvvata v BZ evpuérem Eavri.

Etgnvrar dpa dvo nval dvvdust pdvov ovpusrgor
of BA, AZ, dove tow pelfove vy AB tig éAdocovog
viis AZ pelfov dvwacdour td amd tijg BZ ovuuéroov
fqvry] woijxer: Omeg £0e deifa.

A.

Eveetv dvo ¢nrag dvvdpst pévov cvppé-
Teovg, ®ote Ty psiova vijg dddcovos uelfoy
0vvacdar vé and dovppéroov avey pixes

"Exxelcfo $niy 7 AB xal dvo verpdymvor agibuol
ol TE, Ed, dote tov ovyxciusvov & avrav tov I'd

25 w1 elvar TeTpdymvov, xal yeyodpdw éxl tig AB Nu-

1. ABF. {&oc] supra scr. m. 1 P.  4Z] Z e corr. V.

8. BAP. 4, 4B, AZ BVYb; 4Z, ABF. low B. 5.
dotv] om. P. EJ 'mut. in 76 m. 2 F.  10. xal t6 — 11.
doifuiér] mg. m. 1 F (partem abstulit reparatio pergam.). 12

cv‘ﬁ!tqoc P. domuv P. 14. favep prixer V. 15, noenvrar
Fb. 17, pelfova P. ZB Bb. cvppérem F.  18. dxmeo
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quadratus ad numerum quadratum [lemma I], ne B.A?
quidem ad 4Z? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare 4B, 4Z longi-
tudine incommensurabiles sunt [prop. IX]. itaque
B A4, AZ rationales sunt potentia tantum commensu-
rabiles. et quoniam AI': 'E = BA*: 47Z%, conuer-
tendo erit [V, 19 coroll] I'd: 4E = 4B*: BZ? [cfr.
I, 31. 1, 47]. sed I'd: 4E rationem habet, quam
numerus quadratus ad numerum quadratum. quare
etiam 4 B*: BZ? rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque 4B, BZ longi-
tudine commensurabiles sunt [prop. IX). et 4 B?=_4Z?
+ ZB® [1I, 31. I,47). itaque 4 B*® excedit 4Z* qua-
drato rectae BZ sibi commensurabilis.

Ergo inuentae sunt duae rationales potentia tan-
tum commensurabiles B4, 4Z eius modi, ut maior
AB quadrata minorem A4Z excedat quadrato rectae
BZ sibi longitudine commensurabilis; quod erat de-
monstrandum.

XXX.

Inuenire duas rationales potentia tantum commen-
surabiles eius modi, ut maior qua-

' drata minorem excedat quadrato
rectae sibi longitudine incommen-
A p surabilis.

Ponatur rationalis 4B et duo
numeri quadrati I'E, EA eius
modi, ut numerus ex iis compositus I'4 quadratus non

r E 4

#82t 3sitws] :~ P, om. BFb, Seq. lemma, u. app.  28. deud-
pol} om, FV, 24 tds] (alt.) zéw» b,
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xvxdiov 10 AZB, xal memovjedo wg 6 AI' mpog Tov
TE, ottwg ©6 amo t7jg BA mpds ©d dmd tijg AZ,
xel énsfsvyda n ZB.
‘Opolwg 07 deitopey t6 mpd Tovrov, St af BA, AZ
5 Onval &lor Svvduer uévov evppetgor. xel émsl éoriv
g 0 AT mpdg tov I'E, otrwg 70 dnd viis BA mpds
0 dnd vig AZ, dvaorpdpavie dgu ag 6 I'd meodg
tov A4E, ottwg 0 dnd tijg AB medg vo and tijg BZ.
6 6t I'4 mpog tov AE Abyov odx &ya, Ov tergdym-
10 vog a@ududg mpds terpdymvov apiducv ovd doa To
and tijg AB mpds td dmd Tijg BZ Adyov s, Bv
teTpdymvog apududs medg TeTpdymvoy agidudy aovu-
perpog dpa fotlv § AB tf; BZ pijusr. xal Svvoro
7 AB viig AZ peifov ¢ awd g ZB eovpuirgov
16 favry].
Al AB, AZ &por ¢nral slov dvvduer udvov 6vy-
pevgot, xal 9 AB vijg AZ petbov dvarar v dmd tig
ZB acvpuérgov favry] wijxss: Omep &0er deifau.

Ad.

20 Edvosiv dvo péoag Jvvapst udévov cvupé-
tpovg $nrdv meQiegovsag, doTs tnv pslfova
tijs éAdogovog peifov dvvacdar tH and ovp-
uéroov favry pyxse.

‘Exxeiodacay dvo $nral Svvdue pévov evppstgor

25 af 4, B, dore v A uelfova ovoav tig éAdasovog
iig B peifov dvvacPar td dmo ovpuéroov favrfj wixe.

1. Post xaf del. éneledg@o m. 1 P. I'd P. 1és] om.
Fb. 2 BA]ecorr. m. 2 V. BZbL 8
corr. m. 1. ag #v 1% Theon (BFVb). B4]e . .

5. ¢laiy B. 6. téov] om. BF. 7. I'dl 4r'b. 9. I'4]
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sit [lemma IT], et in 4 B semicirculus 4 ZB describatur.
et fiat AI':T'E=B.A*: AZ® [prop. VI coroll], et du-
catur ZB.

iam similiter ac in praecedenti [p. 86, 18 sq.] de-
monstrabimus, B4 et A4Z rationales esse potentia
tantum commensurabiles. et quoniam est 4I':T'E
== B A*: AZ}, conuertendo [V, 19 coroll.] erit 'd: 4E
= BA*: BZ? [1II, 31. 1,47]. uerum I'd: 4E rationem
non habet, quam numerus quadratus ad numerum
quadratum. quare ne A4 B? quidem ad BZ? rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque 4B, BZ longitudine incommensurabiles
sunt [prop. IX]. et AB’ AZ} 4 ZB: (111, 31. 1, 47].

Ergo 4B, AZ rationales sunt potentia tantum
commensurabiles, et 4B quadrata excedit 4Z qua-
drato rectae ZB sibi longitudine incommensurabilis;
quod erat demonstrandum.

XXXL

Inuenire duas medias potentia tantum commensu-
rabiles spatium rationale comprebendentes eius modi,
ut maior quadrata minorem excedat quadrato rectae
sibi longitudine commensurabilis.

Ponantur duae rectae rationales potentia tantum
commensurabiles 4, B eius modi, ut maior 4 qua-
drata excedat minorem B quadrato rectae sibi longitu-

in ras. V. ovx] postea ins. F.  18. ty:Lcorr. exn V. dv-
vapss b, -pee supra scr. F. 14, pelfoy BZ Fb.  dovpu-
uétom BFb. 16. AZ] BZ, Theon (BFVbD).  eloww P. 17,
to] = P. 18. BZ F. awpyuom F. ousg £8e0 Jeifat]
somp. P, omse b. 22, ano] eras. V. agvppétgov P

26, aavpyérqov P, et F (a del) wixes] om, FVb, m.2 B.
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xal ©¢ vmd oy A, B loov fotm vd dmd vig I ué-

dov 0} ©0 Vmd tav A, B' péoov dpa xal 1d dnd Tig

I péon Gox xal % I ©d 8% dmo viig B loov Zorw

o vmd tov I, 4° Gyrdv 6% ©d dmd tijg B ¢qrov

doa xal ©o vmd tov I, 4. xel énel dovv ag n A

7eds v B, ofrag 1d Umd tdv A, B meog td amd vig
B, ¢lia t0 piv Omd rév A, B leov dotl ©d dmd vig

I, ©¢ 6} dxd tiig B loov 6 ¥md wov I, 4, dg &ea

1 A mpdg v B, obrag td and tijg I’ medg o vmd

tav I, 4. &g 0% td dmd g I’ mpds 10 Vmd v

I, 4, otrwg 7 I’ modg tqv A° xal dg doa §) A mdg .
v B, ottwg f I' meds v 4. evpucrpog 02 1 A

tfj B dvvduer povov: ovuuetgos doa xal § I off 4

Svvduer wovov. xal éove péen m I péon dea xal

N 4. xal inel dovv ag n A meds Ty B, %) I' mpog

iy 4, 7 0% 4 tijg B petfor Ovvartar v dmo ocvp-

pérgov favefl, xal q I &ga tijs A usifov dvvates ve
and cvupftpov favry.

Evenvrar &go 0vo ufoar dvvaper povov evuuperpor
of T, 4 gnrov megiéyovoar, xal ) I' vijg A ueitov
dvvdrar T amo ovpufroov favry wijxet.

'Oy.ofwg on deagdrjostar xal 16 axmd dovupéreov,
Svav 1 A tiig B psifov dvvqrar 16 dwd acvuuéreov
éavri. 4

1. @] corr. ex sy m. 1 P, 2. tfig] corr. ex tov m.
2F. 8. 8]&F 4.4 corr. ex 4 m. rec. b, 4 g (non F).
5. doo dors P, Ante émei ras. 8 litt. P. 7. 9mo] 9- in
ras. V. 8. forl w6 b. 14, douw PB.  15. ofreg § I' FV.
18. ziig] wije F.  164] corr. ex 6 F. dovupézeov P, su
¢ ras. 1 itt. B, ovupéreo 9.  17. dvrno‘stm Theon I(“B]J‘éjb)
Js. aov, éteov supra. ¢ ras. 1 litt. B, d‘llpp,é‘tqm
nenyras Vb, F m. doa] supra scr. m. 2 B, 21, aao
péteov P, supra ¢ rss 11litt B. 22. 38 FV. @] w F
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dine commensurabilis [prop. XXIX]. etsit I = 4>< B.
ueram A >< B medium est [prop. XXI]. itaque etiam
I'* medium est; quare I’ est media [id.].
git autem I'>< 4 == B uerum B? rationale
est. itaque etiam I'>< A rationale est. et
quoniam est 4:B ==_4>< B: B [cfr. prop.
4 B I' 4 XXIlemma), et I* = A>< B, B*=I"><J,
erit A:B=I7:I'><d. est autem I'*:I'><d=I:4
[prop. XXI lemma]. quare etiam A:B==I":4. uerum
A, B potentia tantum commensurabiles sunt. itaque
etiam I'y 4 potentia tantum commensurabiles sunt
[prop. XI]. et I' media est. itaque etiam 4 media
est [prop. XXIII}. et quoniam est 4:B=1T":4, et
A* excedit B? quadrato rectae sibi commensurabilis,
etiam I excedit 4% quadrato rectae sibi commensu-
rabilis [prop. XIV].

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles I', 4 spatium rationale comprehen-
dentes, et I'® excedit #* quadrato rectae sibi commen-
surabilis.

Similiter demonstrabimus, I'? excedere 4* quadrato
rectae sibi incommensurabilis, si 4 excedat B* qua-
drato rectae sibi incommensurabilis [prop. XXX].

ovppérgov P, et F, corr. m, 1.  28. %) 4] om. P.  dv-
wijontas B, dvwvijoerar L, Svwnras 7 A P.  ovppéreov P. 24,
Seq. lemma, u. app.
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ig.

Edgeiv 0vo péoag Svvdpst pdvov ocvuppé-
toovg péoov megiLeyovong, ®ete tv pelfove
tijgc éAdocovog petfov dvveacdar td damd evu-

5 uérgov éavry,

"Exxelodocay tosls ¢nral Svvdus pévov ovppctoo
of 4, B, I’y @ove tv A4 vijg I' petfov dvvacdar 6
ano ovppéreov favey, xal te piv vwd tév A4, B leov
forw 10 amd tijg 4. péeov dpa o and tig A° xal

10 9 4 &pa pfon dorlv. g 6% Omo tiv B, I loov &orw

T Um0 t6v A, E. xal énel éorwv dg 10 Yo oV A, -

B mgég 16 vmd tev B, I'y ottwg 1 A meos v T,
aldé té plv vmd tév A, B leov otl ©0 dmo g 4,
T 0% vmd tév B, I' leov v6 vnd vev A, E, Eerwv
15 doa og 7 A meds v I, oDrwg T amd vijg 4 mpds
70 Ynd 1ov 4, E. ag 0% ©0 dnd vijs 4 meds 1o Vmd
tév 4, E, otnag 7 4 medg iy E° xnal og doa § A
meds v Iy o¥twg % 4 meds v E. 6vuusrpog 0
1 A o I' dvvdps [pdvov]. ovupcrgog oo xal 7 4
20 ) E Odvvdpe pdvov. udon 8t § A° péon &po xal
% E. xal énel ovv og ) A mpdg v I'y 7 4 meog
v E, 9 0t A vijg I’ petfov dvvatar 16 amd ovpué-
rpov favri), xal 7§ A dga tig E peifov dvvicetar v
and ovpuérgov faevri]. Adyw 01, Ot xal péoov éetl
25 10 Umd tov d, E. ‘Zmel pag loov éorl ©o vmd row
B, I v vmd tév 4, E, pécov 0% to vmd tov B, I’

4, élaztoveg FV. petfova L, et B, sed corr. ovupé- -

tgov] ¢- add. m. rec. b, 5. avenp L. 6. nral af 4, B, "' V.

7. af 4,B,Tl om. V, «f 4, B b, peltova L, et B, sed
corr. 8. evppérpov] a- add. m. rec. b. 6] =d L. 10.
{ot{ V, comp. Fb. 11. 76 v®o tdv 4, E] m.'1 b, supra scr.
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Inuenire duas mediag potentia tantum commensu-
rabiles medium comprehendentes eius modi, ut maior
quadrata minorem excedat quadrato rectae sibi com-

mensurabilis.
Aoy Ponantur tres rectae

d—————1  rationales potentia tantum

B commensurabiles 4, B, I"
Pr—i eius modi, ut 4* excedat
I'® quadrato rectae sibi commensurabilis [prop. XXIX],
et sit 4% = 4 >< B. itaque 4* medium est; quare etiam
4 media est [prop. XXI]. sit autem 4 ><E=B><1T.
et quoniam est 4 >< B: B><I'= 4 : I [prop. XXI
lemma]’), et 42 = A><B, 4>< E=B>TI, erit 4:T"
=A:4><E. uerum 4*:4>< E==4:E [prop. XXI
lemma). quare etiam A4 :I'= 4:E. sed A4, I' potentia
tantum commensurabiles sunt. quare etiam 4, E po-
tentia tantum commensurabiles sunt [prop. XI]. 4
autem media est. itaque etiam E media est [prop.
XXIII). et quoniam est 4:I'==J:E, et A excedit
I'* quadrato rectae sibi commensurabilis, etiam *
excedit E? quadrato rectae sibi commensurabilis [prop.
XIV]. iam dico, 4><E etiam medium esse. nam

Br—m—1

1) Nam 4:B == A4 >< B: B* (cfr. supra p. 92,6), B:I" ==
B*:B><T.

m. rec. 7 &nd vod E. 18. dostyv L. 14. lgow dor( V. <o
vzo Ty 4, E] m. 1 b, supra scr. m. rec. té ano tov E. 16,
1] vuo toy 4, E] m. i b, supra scr. ©6 amo o E.  ag 8é]
all dg V, 19 povor] om. 22. 1) corr. ex 6 m. 2 P.

wypéwovﬁ d- add. m. rec. b item Iin. 24. 24. dovty L.

26. datly 6] 16 V, et b sed corr. _26. tp vmd Ty
4, E] m. 1 b, supra secr. m. rec. 6 dxo 06 E. t6] ¢ P.
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[af pap B, I' ¢nqval elo. dvvdust povoy evppcroodl,
uéeov dpa xal vd vmd tdv 4, E.
Evonvia &ga Vo péoar dvvduse povov ovuusrpor
of 4, E péoov megiégovoar, oot 1y pslfove tig éAde-
5 oovog petfov dvvecdar @ dmd ovuudreov favry.
‘Opolmg 01 modw Oaydrjeerar xel vé émd dovp- -
uézpov, 8rav 3 A viig I' peifov dvvyrar 16 dnd dovp-
péroov favry.

Ajupa.

10 "Eote tolyovov 6pPopdviov ©d6 ABI dpdny Eov
iy A, xel 780 xadsvog § A4 Adyw, 6t vd pdv .
ind 6y I'BA loov éotl ©6 and tijg BA, td 0} vmd
tov BI'd loov 6 énd tijg I'A, xal ©6 vnd tév BJ,
AT teov @ and vijg Ad, xel frv 16 Umd tov BT,

16 A4 ooy [éorl] vé ©md taov BA, AT

Kal mpdrov, 6t ©6 vmd vav I'BJ leov [orl] v
and tig BA. ;

‘Enel yap v dodoyovip toiysve and tig 0pdis
yoving énl tiy Pdew xadevog guren ) AA, ta ABA,

20 A AT &ga tolyove Spord é6te T6 te 0Ap 16 ABI
xal addlows. xal émel Spoidy dori vé ABI rpiye-
vov t¢ ABA roiyove, Eotw dpo og n I'B mpog Ty -
BA, otnwg 1) BA wods tyv BA* 16 &pa vwd rov
I'B4 lesov éotl t6 amd tijg AB. N

i

1. ol yde — odppergor] om. LFVb, mg. m.2 B.  elow P.

2. xal/] om. LB, 16 vmwo tov 4, E] m.1b, supra scr. m. rec.

16 dmo 109 E. 8. nlenyras LFVDh. ~ 4. i uéy V. 5. svpué-
tgov] ¢-add. m. rec.b. 6. 6] w0V, ovppéreov L, et BF, sed --

corr. 7. dvvaror Pb.  ovppérgov L, et BF, sed corr. 8. Post
fowtg add. dmeg £8eL d‘st‘&mV‘.L Seq. lemma, u.app. 9. ljppe] .

om. L. 10. fzou P. 11, 4] 9n6 BAI Theon (LBFVD); yo.

Ty 9nd BAr mg. P. 12, I'BJ] supra add. BPV. Zoriv L.
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quoniam B> I'= 4 >< E, et B><I medium est
[prop. XXI], etiam 4>< E medium est.

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles medium comprehendentes 4, E eius
modi, ut maior quadrata minorem excedat quadrato
rectae sibi commensurabilis.

Similiter rursus demonstrabimus, 4* excedere E?
quadrato rectae sibi incommensurabilis, si 4* excedat
I'* quadrato rectae sibi incommensurabilis [prop. XXX].

Lemma.

Sit 4 BI triangulus rectangulus rectum habens
angulum 4, et ducatur perpendicularis 4.4, dico, esse
I'B<BAd=BA BI'I’'Ad=TA*, BAX< J'=A &L,
BI'><AAd=BA>AT.

et primum, esse 'B>< B4 =B A%

A nam quoniam in triangulo rect-

AT angulo ab angulo recto ad basim

_ o perpendicularis ducta est 44, trian-

T/ guli ABA, AAT et toti ABT et

T inter se similes sunt [VI, 8]. et

quoniam ABI'~ ABA, erit 'B: B4 =BA:B4
[V1, 4). quare [VI, 17] 'B><B4=4B?%

13. BI'd] supra add. I' PF; BT, I'd e corr. V.  loov]
supra scr. m. 1 P. 775} om. Bb. AT . BAT, supra
add. 4 m. rec., P. 14. BI'] e corr. V, 15. fot{] om.
LBFVb.,  zov] om. P. 16. zdv] om. P. I'Bal FVy,
Bm.2; 'BLB; 'dB P; I'B,Bd FV m. 2, Pm.rec.  Zez/]
om. LBFVb. 19. za] corr. ex zijs m. 2 B, ABA] 4 in
ras. m. 1 P.  20. 44T? L.  Zoutv LPB. 22 4BA] B
inras. V. 28. BA] AB . BA] mut. in 4B V. 24,
I'B, B4 ¢, m.rec. P, m. 2 V,

Euclides, edd. Heiberg et Menge. IIIL 7
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A e atre 89 xal 1o Umd rdv BI'A leov éorl
t6 and vijg AT

Kal éncl, dav &v dpdoymvip toryave and tijg do-
Dijg yovieg éxl iy Pdow xdderog aydi, v aydelca
tdv ti¢ Padewg Tpnudroy péon avaloyov éotiy, éoTiy
dpa wg 7 B4 mods tqv A4, otrwg § Ad meds Ty
AI'* o &pa vmé tav Bd, AT idov éotl 16 dmwd
Tijg dA4.

Aéywm, Sti xal 10 Vo rov BIy, A4 igov dotl 16
Umd tov BA, A" Zinel yag, ag Epapsy, Guoidy éote
10 ABI vt ABA, fotw dpa og 9 BI meds taw
I'4, otteg 1) BA mpdg v A4 [éav 8 téocagss
evdslow dvdloyov @6, TO VRO TGV Expwv lcov foTl
0 vnd tey plowv]. 16 &ga vmd tdv BI, A4 leov
dotl ve Umd tév BA, A" Omep E0er Oelba.

iy.

Edgetv V0 eddelag Svvdps, acvupérgovs
mortoveag td ptv cvyxelusvov éx rov ax avTdy
TeTpay@voY §nrdv, 10 & U7 avrdy péeow.

' Exxeledwoay dvo nral dvvdpe povov ovupergor
af AB, BI', @dote v peifova gy AB tig éAaccovog
tijg BI" psifov dvvacdar ©d dnd dovpuéroov favrf,
xel terpiode f BIT Olge xove 10 4, xal 16 ag’
omotégpag tav Bd, AT leov maga tv AB megafe-
piicde mapaidnidpoappov élAsimov &ldel Tevpaynve,
xol fotw O Umd tdv AEB, ol peyodepde éxl tig

1. B, T4 m. rec. P, m 2 V. éor{] om. Fb. 8.
Totyove ] supra scr. comp. m. 2 B. 6. Ad] 44 B. 10.
dort] postea ins. F. 11. ABT tolyovoy F. ABd] AT'd
BFb, et supra scr. Bm. 1 V. 12, '] A inrae. V. AJ]
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eadem de causa etiam BI'><I'4 = AI?,

et quoniam, si in triangulo rectangulo ab angulo
recto ad basim perpendicularis ducitur, recta ducta
media est proportionalis partium basis [VI, 8 coroll.],
erit BA: JA==AAd:4I. quare [VI, 17] BA>< AT
=44

dico, esse etiam BI'>< A4 == BA>< AI. nam
quoniam, ut diximus, trianguli 4BI'y 4B similes
sunt, erit [VI, 4] BI': I'4 = BA: 4d. itaque?)
BI'><Add=BA><AI [V], 16]; quod erat demon-
strandum.

XXXTIII.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum rationalem efficiant,
rectangulum autem medinm.

Ponantur duae rationales potentia tantum commen-
surabiles 4B, BI" eius modi, ut maior 4B quadrata
minorem BI excedat quadrato rectae sibi incommensu-
rabilis [prop. XXX], et BI' in 4 in duas partes ae-
quales secetur, et quadrato B.A? uel JI™ aequale
parallelogrammum rectae 4B adplicetur figura qua-
drata deficiens [VI, 28] et sit AE><EB, et in 4B

1) Uerba quae praecedunt dammauni, quia non magis est,
cur haec propositio omnibus uerbis citetur, quam VI, 17, qua
bis in hoc lemmate tacite usus est.

d4 9. 13. das V.  t6] corr. ex 1 V. 15, 1@] corr,
extom 1F, © . tév] om. Bb. Seq. demonstr. alt., u.
app. Omze 3z dsitar] comp. Pb, om. BFV. Seq. lemmata,
u. app. 19. 8¢ F.  21. #ldtrovog b, comp. F. 22, uelforva
P, corr. m. rec. 23. 7] corr. ex zo m, 1 V, 25. magai-
inioygapoy P. 26. AE, EB V, P m. rec,

7'
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AB nuxvxdiov 160 AZB, xel 7380 ) AB meds dpdag
7 EZ, xal énsfevydooay of AZ, ZB.

Kol énel [6V0] e09etaw &viool sleww of AB, BT,
xal 5 AB vijs BI" pettov Sdvares t¢ dmd dovppdroov
Savrij, ©6 O} tevagre Tov amd tijg BIT, tovtéert td
and tig nuieslag avris, loov maga vy AB mapafé-
Piqrar mwagaddnidyooppov EAisimov &lds tergpayovo
xal wowel ©o Umo vov AEB, dovupergog dpa dotiv 7
AE tjj EB. xal dotiv dg § AE npog EB, otrmg
76 vnd tdv BA, AE modg 10 vnd tov AB, BE, loov
0% 76 pdv Umwo tdov BA, AE 16 and vijg AZ, to d%
vnd v AB, BE ©$ dnd tijg BZ' dovppsrgov &pe
ol 16 amd g AZ ©d dmd tiig ZB' of AZ, ZB épe
Svvduee sloly acvupergor. xal sl § AB ¢nry o,
énrov dpa éotl xal ©o amod i AB' @ore wal O
ovyxsiusvoy éx tov amd tov AZ, ZB ¢nrév o,
xal émel moeAdw t6 Umd tév AE, EB loov éotl td
and tijs EZ, vadxeirar 6% ©6 vnd tov AE, EB xal
t6 axd g B4 loov, o &oa éotlv v ZE ©fj B4
dunin dpa 1 BI' vfig ZE* dote xal 0 vwo tév 4B,
BI' otdpperoov éote 1 vmo tov AB, EZ. péoov Ot
10 Umd tv AB, BI™ uéoov dga xal ©d vmd tév AB,
EZ. lgov 0% ©6 vmd vév AB, EZ 16 vmd tév AZ,
ZB' uéoov dpa xel v6 Vmwd taov AZ, ZB. 0elyby
0% xal ¢nrov ©d ovpxelusvov éx tdv ax’ avTHY TE-
TORY BV,

1. 4B] AEBb. 4BZP. 8. dvo] om. P, post esfeia

ins. m. 2. «f] m. rec. P. 4. ovppergov FV, corr. m. 2.
6. 10 (z¢ V) 8% véragrov BF Vb, corr. m. 2 BV (rsraerep m.
rec. b). tijs] tijs élaccovog =iis Theon (BF Vb). tovtée-
v P. ‘Nll.)‘?l 76 F'b, corr. ex to m. 2 B. 6. foov] omn. Fb,
m. 2 B. 7. megellyléyoappor] om. Fb, m. 2 B. © 8. 4E,
EBV, m.rec. P. 9. mgég gy EB V. 10. 1a] (alt.) om. P.
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z describatur  semicirculus
[)‘\ AZB, et ducatur ad 4B
. perpendicularis EZ, et du-
4 -5 fa;zur AZ, ZB.

et quoniam 4B, BI' inaequales sunt rectae, et
AB? excedit BI'® quadrato rectae sibi incommensu-
rabilis, et quartae parti quadrati BI™, hoc est ({ BI")?,
aequale parallelogrammum rectae 4B adplicatum est
figura quadrata deficiens et efficit 4E><XEB, AE et
E B incommensurabiles erunt [prop. XVIII]. est autem
AE:EB = BAXAE: AB><BE [u. p. 95 not.]; et
BA>< AE = AZ%, 4B > BE = BZ! [u. lemma].
itaque AZ% ZB? incommensurabilia sunt [prop. XI).
quare AZ, ZB potentia incommensurabiles sunt. et
quoniam 4B rationalis est, etiam 4B? rationale est.
itaque summa quadratorum A4Z®- ZB? rationale est
[1,47]. et quoniam rursus 4 E>< EB = EZ%[u.lemma],
et supposuimus, esse etiam A E >< EB = B, erit
ZE=BAJ. itaque BI'==2 ZE. quare etiam 4B><BI"
et AB>< EZ commensurabilia sunt [prop. VI]. uwerum
AB >< BI"' medium est [prop. XXI]. itaque etiam
AB >< EZ medium est [prop. XXIII coroll.]. uerum
AB <X EZ = AZ >< ZB [u. lemma]. itaque etiam
AZ><ZB medium est. demonstrauimus autem, etiam

summam quadratorum earum rationalem esse,

12. ZB P. 18. fotly P. ZB] (prius) BZ FVb. 14,

{6 BV, comp. Fb.  15. ¢nrov doa £t(] mg. m. 1F, 16

dous BV comp. Fb. 19. BJ] (alt)) in ras. m.1 P.  20.

corr.ex vy m. 1V. 2L ovppsTeov] émluauw Theon (BFVb),

mg. m. 1: d&a to vy BI' dimlaciova eivas tiis Bd, my Ot

B4 ltonv elvar tj EZ pro scholio P. 6] rot Theon (BFV).
22, ABI" BFb, et V, corr. m. 2, 28. 8¢] om. b.
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Edgyvrar dpa 0vo ebdsiar Svvdper aovpusroor
ol AZ, ZB moiot6ar ©O piv ovyxsipcvov éx tov dx’
avtay Tetpaydvev ¢qrtov, 1o 0 Un’ avrav péeov:
Omep £0er Ocibar.

A0,

Evgeiv 0vo e0®slag dvvdpsr devupuérgovs
motoveag to ulv cvyxelpsvov ix rov dam ab-
ThY tergaydvav péoov, 16 & UX avrdy gnrdv.

"ExxsioBwoay 0vo péoas Svvdus pdvov ovpuergor
of AB, BI' ¢nudov mepiéyovoar t6 va’ avtdv, @GOTE
v AB tijg BI' pcifov dvvacPar 1d amd dovuud-
toov Eavrfj, xal yeyodgpde .énl tiis AB ©0 AAB
nuixvxiiov, xal terpfede 4 BI' 8ige xata 1o E, xal
nepafefiicdo mapx tqv AB tH dno tijg BE loov
negaldnioyoapuov éAdsimov &ldeL reTpaymve To Vo
tov AZB' dovupstgog doa [fotlv] v AZ tfj ZB
pijxes. xel fgdo axd tov Z vy AB medg dpdag 7
Z4, xol énetevydocay aof A4, 4B.

’Enel aovpuereds éovwy 1 AZ tij ZB, dovppergov
doa fotl xal to Vwd tdv BA, AZ 16 vmd tdv AB,
BZ. leov 8} 1o plv ¥ml tvév BA, AZ te and g
Ad, 6 8t vno vdv AB, BZ ¢ amd viig 4B* dovu-
petoov doa fotl xel vd dmd thig A4 v dmd vig AB.
xal Zmsl péoov dotl ©0 amd tijg AB, péoov dpo xal
0 ovyxelusvov éx tov amd tov Ad, AB. xal énel

L 7% venvrar FV, 3 é'maw b, corr. m. 1. é’ BVh.
ex’ F. 4. auéau] quuv b, mg. m. 1: ye. dsifou; in F
mg. m. 2: ye. evgeiy. 7. 7z6] corr.extov P, 8. 8¢ F. 11
ovppéteov F, corr. m. 1. 15. dldeimov_eldse tevoaydva] om.
Fb, m. 2 B. 7] motodw zd V. 16. tév 4ZB] non liquet F.
AZ, ZB V. gvppsrgos @, et B, corr. m. 2. ~ foriv] om. P,
foree 9. ZB] BZ P. 18. ZA] dZ ecorr. m, 2 V. AB]
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Ergo inuentae sunt duae rectae poteptia incom-
mensurabiles 4Z, ZB, quae summam quadratorum
suorum rationalem efficiant, rectangulum autem me-
dium; quod erat demonstrandum.

XXXIV.

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum mediam efficiant,
rectangulum autem rationale.

Ponantur duae mediae potentia tantum commen-
surabiles spatium rationale comprehendentes 4B, BI'

eius modi, ut 4B?* exce-

dat BI'® quadrato rectae
. ' sibi incommensurabilis
4 Z 85 £ 7 [prop. XXXI], et in 4B
describatur 4 4B semicirculus, et BI" in E in duas
partes aequales secetur, et rectae 4B quadrato BE? ae-
quale parallelogrammum adplicetur 4Z >< ZB figura
quadrata deficiens [VI, 28], itaque 4Z, ZB longitu-
dine incommensurabiles sunt [prop. XVIII]. et a Z ad
rectam 4B perpendicularis ducatur Z4, et ducantur
A4, 4B.
quoniam 4Z, ZB incommensurabiles sunt, etiam
BA><AZ et 4B >< BZ incommensurabilia sunt [prop.
XI}. uverum BA X AZ =AM, AB < BZ = 4B?
[prop. XXXII lemma]. ergo A44* 4B? incommensu-
rabilia sunt.
et quoniam 4B medium est, etiam A4.4°+4 4B*
medium est [III, 31, I, 47].

corr. ex A" V. 19, nal énel V, énel odv m. rec. P.  28.
dotly P, tiig] (alt) om. P. TI'Bb, corr. m. 1.  25. 4B]
in ras. V.
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dinAy éotww % BI vijg AZ, Oumhdoioy Goa xal o
ond rdv AB, BI ot vmd tov AB, Z4. {quov &
td Und tov AB, BI™ $nrdv doa xal ©d Umd tév AB,
Z4. vd 6% 9md taov AB, Zd loov t vmd tav Ad,
AdB" @ote xal ©d vnd tov A4, AB §yrov éotw.

Evpyvros dga 0vo sbdcloar Svvdaper dovppetpor af
Ad, 4B mowoveer 1o [udv] cvyxeiuevov éx vy dn’
altdy tergaydvov péoov, 10 8 Un’ adtav Gnrov
Snweg #0e1 Oetfos.

Ag.

Edgsty 0vo svdelag dvvapst devppéroovs
LOLOVOAG TO TE CUYXELPEVOY €x THY AW AVTHY
rergaydvoy pééov xal 0 UV’ avrdv péoov xal
Er. dovppeTooy TH ovpxeLpfve ix THY ax’ av-
TOV TETQRYBYVO.

"Exxel6Booay dvo péoar Svvdues povov evupergor
of AB, BI" uéoov megiéyovoar, dote vy AB tijg BI
petbov Ovvasdur t6 amd dovpuéreov favef, xal ye-
yodpdw éml tiic AB yuixvxAiov 6 AAB, xal ta
Aoume peyovérm volg dmdve Suoleg.

Kal énel dovpperods doriv 1) AZ vy ZB uixe,
aovupcteog ot xal §) A4 1f 4B Svvdps. xal Zmel
péoov Zotl 1o and tig AB, pdoov dpa xal Td ouvpxel-
psvov &x tov dmé tov AAd, AB. =xal éxsl ©d vmo

1. &ixli}] dimlaciwy Theon (BFVD). 2. zov] e corr. F.
Post Z4 add. dore nal odupergoy V, B m. 2. 8. Post BI"
add. Theon: dmoneirar ydo (ovrmg add. V) (BFVDh). 4. Z4]
corr. in BZ m. 2 F, corr. ex BZ m. rec. b. 0] t¢ BF, 10
8 té b. 5] 6 BFb. tav] om. Pb. 6. nvenvzas Vb,
odppeteor B, corr. m. 1. 7. pév] om. P. 8. rerpdymwvoy
F et V, sed corr. éé F, 9. omeq £0a Seitar] comp. P,
om. BFVb. 10. 1’ F, corr. m. 1. 13. zeredyovor b, et F,
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et quoniam BI'e= 2 AZ, erit etiam AB><BI'=
2AB ><ZA4d. uverum 4B >< BI rationale est. itaque
etiam 4 B >< Z 4 rationale est [prop. VI; def.4]. uerum
AB><Zd=A.4>4B [prop. XXXII lemma]. quare
etiam 4.4 >< 4B rationale est.

Ergo inuentae sunt duae rectae potentia incommen-
surabiles 4 4, 4 B, quae summam quadratorum suorum
mediam efficiant, rectangulum autem rationale; quod
erat demonstranduim.

XXXV.

Inuenire duas rectas potentia incommensurabiles,
quae et summam quadratorum suorum mediam effi-
ciant et rectangulum medium et simul summae quadra-
torum incommensurabile.

Ponantur duae mediae potentia tantum commen-
surabiles 4B, BI' medium comprehendentes eius modi,
ut 4B? excedat BI™ quadrato rectae sibi incommen-
surabilis [prop. XXXII], et in 4B semicirculus descri-
batur 4 4B, et reliqua fiant, sicut supra.

et quoniam AZ,
4 ZB longitudine in-
l‘\ commensurabiles sunt,

4 T & r etiam A4, 4B po-

tentia incommensura-
biles sunt [prop. XI]. et quoniam 4 B* medium est, etiam
AA4* + 4B* medium est [prop. XXIII coroll]. et

sed corr. 17. BI'] (alt.) I'b. 18. ovpuéreov b et F, corr. m. 1.
19. AAB:l corr. ex A'Bm. 1 b, 4AB4 ¢. 20. yeyovétm)

supra scr. .  {mdve slonuévoig V. opolwg] om. Fb, m. 2
BV. 21, éxel] om. B, corr. m. 2. otiv ] supra m. 1 P,
ZB] BZ B.  22. {ou] &pa fotl F, douy
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vov AZ, ZB loov éotl t6 ag’ éxatépag vév BE, A4Z,
lon doa dotlv 9 BE 1fj AZ° 8umlij dpa % BI tijg
Z A4 ®ote xel 10 vmo 1oy AB, BI' Sumddeidy éome
100 Umo tov AB, Zd4. pégov 8% 16 Uwo tov AB,
5 BI" péeov dpa xal 6 Omd vav AB, ZA4. xal oty
loov © vmd tov Ad, AB* péoov dga xal 6 Omo
16y Ad, AB. xal émel dovppergos oty § AB T
BI' pijxe, ovppsrpog 8¢ % I'B v BE, devupcrgog
doa nal ) AB tij BE ijxer dore xal vd dmo tig
10 AB ©6 vwd tév AB, BE dacdpuserodv dovv. dida
©d udv and tijg AB loa éotl va amd trov Ad, 4B,
t¢ 02 vmd tév 4B, BE icov o1l ©6 md tov AB,
Z 4, vovtéer td vmd tdv Ad, AB* dovuusteov dga
dorl o ovyxsluevov & vdv dmd tav AAd, 4B 16
15 o Tév A4, 4B.

Ebonvrar &ga 0vo svdstaw of A4, 4B Svvaue
GoUpuETEOL moovear Té TE ovyxelusvov x tov am’
avrdy péoov xal ©0 U’ adrdv péoov xal frL aevp-
peTpov e Cuyxeuéve it tov an’ alrdy Tergaydveov:

20 Omsp E0er dsitou.
Ag’.

'Eav dvo ¢$nral dvvapsr povov ovppusrgor
cvvted@oiy, § 6An &Aoydg éoTviv, xaleloBw O}
éx 0vo dvopdrow.

26  Zvyxelcdaocay yag dvo fnral Svvdus povov odp-
perpor of AB, BI' Aéym, 8ve 6An ) AT &hoydg éorwv.

1. AZ] 42 b. @) *H dmé P, corr. m. rec. 3. 4Z
BFb. 4. 7o%] w6 F, corr. ex 76 m. rec. P, mut. in 6o m. 1 b.
o omé — b. &ga xall mg. m.2B. 8. BI'| ’'BF. IB]
mut. in BI' V. 9. 4B] B4 ecorr. m, 2 V. 73] ins. m.
2 F. 10. @] corr. ex zd F. oadppereoy F, corr. m. 1. o
fotly b, &oo supra add. F. 11, dotiv P. 1.'(51!2 ins. m. 2 F.
12. tp] corr.exte m. 1 F.  18. 4Z B. vovréemy P. 14,
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quoniam AZ >< ZB == BE* = A4Z7?, erit BE = JZ.
itaque BI'=2 Z 4. quare etiam AB><BI'=2A4B
X Zd. verum 4B><BI medium est. itaque etiam
AB ><Z 4 medium est. et 4AB>XZJd=AA4>< 4B
[prop. XXXII lemma). itaque etiam 44 >< 4B me-
dium est. et quoniam 4 B, BI longitudine incommen-
surabiles sunt, et I'B, BE commensurabiles, etiam
AB, BE longitudine incommensurabiles sunt [prop.
XIIl]. quare etiam 4 B* et 4B >< BE incommensura-
bilia sunt [prop. XXI lemma; prop. XI]. uerum A4*
4 AB* = AB® [I,47] et AB>< ZAd = AB><BE
== AA4>< AB. itaque AL+ AB* et 44>< 4B in-
commensurabilia sunt.

Ergo inuentae sunt duae rectae 4.4, 4B potentia
incommensurabiles, quae et summam quadratorum
suorum mediam efficiant et rectangulum medium et
simul summae quadratorum incommensurabile; quod
erat demonstrandum.

XXXVI.

8i duae rectae rationales potentia tantum commen-
surabiles componuntur, tota irrationalis est, uocetur
autem ex duobus nominibus.
. , \ Componantur enim duae
4 B I rectae rationales potentia tan-

tov] (prius) mat. in zijg m. 1 b, 16, of 44, 4B] om, V.

18. avidy terpaymvoy V. péoov nal] mg. V. xal 76
seq. ras. 1 litt. V, 76 8¢ Fb, z0 8’ B.  20. omeq #8s Seifos
comp. P, om. BFVb. Seq. doyn tav» xasa cvr&zory fddoy
BFb, mg. V; et in mg. dvreidey dpyeron mapadidovar xata
oovPeay tf (Ekijs V) dldyovs BFVbh. 21, 15"] mut. in 13" F.

28. dort BV, comp. Fb. xaleizas P.  26. 6in) om. FVD,
m. 2 B AB b, corr. m. 1.
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’Enel yap aovpuereds oty 1) AB tvij BI' pijxec
dvvdue pao povov elol ovupstoor: mg 02 7 AB mpog
v BI', otrwg 7o vmd tov ABI medg ©d and 7ijg
BI', aovppergov dpa éotl ©6 vmod tév AB, BI 1o

5 ano tijg BI. edde t¢ pdv Omd tdv AB, BI' ovp-
uerody éote to Olg vmd twv AB, BI, to 0} ano vijg
BT ovpperon fotv ta and tov AB, BI af yap AB,
BI {nral elov dvviper povov oUpueTQoL’ aovpusToov ¢
&ga fotl ©6 dlg vmwd 1oy A B, BI toig dnd vov AB, BI.

10 xel ovvdévte ©d dlg Omo vév AB, BI' pere tdv dmd
téov AB, BT, toviéor. vo and tijs AL, acvppsrgov -
éotL td ovyxapbve éx tdv and tov 4B, BI. ¢nrov
0% to ovpxelusvov éx tov dnd tév AB, BI™ &Aoyov
dga [fotl) 0 amd vijg A" dote xal 1 A" &Aoyog

16 fotiv, xadsiodo 0 €x dvo dvopdrmv: Omep £0e
deikat, (

Ag. ’

’Edv 0vo péoar Svvdust pdvov ovupsreor

cvvteddor (nrdv mepiéyovoar, 5 Ay &loydg
20 é6tiv, xedsloBm Ot éx dvo péowv mwpdry.

SvyreloBmoay yap 0vo péoar Svvdus udévov ovp-
petoor af AB, BI' ¢nrov mepiéyovoar Aéym, 8tu Ay
7 AT &Aoydg éoriv.

1. oJppergos P, corr. m. 1. 8. dwd] & in ras. in extr.
lin. F. 'rmvg 1:17gF ABI'] AB F; 4B, BT e corr. V, m.
rec. P an tn‘c BI'] seq. « eras. b, o7 tmv 4B, BI‘F

4 oo Y] ano tig BI'l om. F. 6. ano tng] mzo J
tovr ABF. 7. B ( nns) AB F, sed corr.? af — 8. ovp-
pszpov] om. Theon ( Vb) 8. devppereoy fou dotl 7d) 1]
doa V, mtne ual 6 BFb, 9. toi5] aovpustedy dore voig F.

BT dovppereow fore BVD.  10. suvre@évri Pet V, sed corr.;
ovveedév F, corr. m. 1 et 2.  zov](alt.) corr.exzoom.2F. 11,
AB] corr. ex ATV, zovtécuyw 12. éorw P.  13. &loyos
F, corr. m. 2. 14, 467(] om. BFVb. 15. dont PBV, comp.
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tum commensurabiles 4B, BI. dico, totam AT ir-
rationalem esse.

nam quoniam 4B, BI longitudine incommensura-
biles sunt (nam potentia tantum sunt commensura-
biles), e¢ AB:BI' = 4B >< BI': BI"* [prop. XXI
lemma)], etiam 4B><BI et BI™ incommensurabilia
sunt [prop. XI]. uerum 4B >< BI' et 2 4B>< BI'
commensurabilia sunt [prop. VI], et 4B*+ BI'?, BI™®
commensurabilia sunt (nam 4B, BI rationales sunt
potentia tantum commensurabiles) [prop. XV). itaque
2AB><BI et AB* 4+ BI® incommensurabilia sunt
[prop. XII1]. et componendo

2 AB><BI'4 AB* 4 BI'® hoc est AT [I1,4],
et 4B* 4 BI? incommensurabilia sunt [prop. XVI].
uerum 4 B?-} BI™® rationale est. itaque AI'? irratio-
nale est [def. 4]. quare etiam 4I irrationalis est
[def. 4], uocetur autem ex duobus nominibus; quod
erat demonstrandum.

XXXVIIL

Si duae rectae mediae potentia tantum commen-
surabiles componuntur spatium rationale comprehen-
dentes, tota irrationalis est, uocetur autem ex duabus
mediis prima.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI" spatium rationale compre-
hendentes [prop. XXVII]. dico, totam AI irrationa-
lem esse.

Fb. Ante gmeg schol. est, u. app. dmeq #3sc deitee] comp.
P, om. BFVb, 17. 1y F. 19, ovvre®ooy BF. 20, or:
PBYV, comp. Fb. 21, ovyxalelofooay b. 22, %ol léym F.
8in] post ras, 1 litt. P, om. Fb.
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Emel yap dovuuerels fotww ) AB v BIT pijxet,
xal & dnd tév AB, BI' doa acvpperoe fovt tep Olg
7o tov AB, BI" xal ovv®évti ta dnd tov AB, BI
pera ot Olg Omé vév AB, BI', omep dovl o amd
tijg AT, dovppscredy ot te vmd 1oy AB, BI. $nuov
8} 70 vmd vdv AB, BI" Ymoxsvras pag af AB, BI
SnTdv meguéqgovoas” dAoyov dea td and tiig AT &Aoyog
dga 7 AT, xalslc®w Ot éx d¥o péowy ooty omeg
s dsikau.

’

Aq. .

‘Edv 8Y¥0 péoar SvvapsL pdvov 6vpucrgor

ovvteddo. péoov megiéyoveoar, 5 Ay &Aoyds
éotiv, xakeloBm 0t éx dvo péowv dsvrépa.

Zvprslodwcay pap 8vo péoar dvvdust udévoy 6vu-
uergor el AB, BI" péoov meguéyovoar’ Aéyw, Gti &Aopdg
éotiv 9 AT

>

‘Exxnsicdo yeg fnr) 7 AE, xal te amd vig AT

loov maepa v AE magafsfricde to AZ midrog
motovv iy AH. xal émel ©0 and tig AT leov forl
tolg e and tdv AB, BI' xal 1¢ Olg vmé vdv AB,
BI', magafspriodm 07 volg dnd t1év AB, BI" maga
iy AE loov t0 E® Aowmov dga 16 OZ ioov dorl
t Olg Omd tév AB, BI. xal énel péon éotly éxa-
tépa tov AB, BI', péoa Goa fotl xal ta amd oy

1.z§] m.rec. P. A b, 2. dote 0] corr. ex Zota
m. 2 B. za%| corr. ex t6 F. 8. sal] om. Theon (BFVb).
ovvtedévts P,  doa t¢ Theon (BFVD). +d] wd V. 4.

dotly P. 16 and] in ras. m. 1 P, 5. avpperea F, sed. corr.
éoriv P. BI']posteains. F. {§nriv — 6. BI"; (prius) om.Fb,
m 2B 6 ytp] m. 2B, 3§ Fb, Bm. 1. «l] af ¢no tov b,
7. dloyog — 8. A’ mg. m. 1 P. 8. mewrn] seq. schol.,
u. app. omsg £3er deifar] comp. P, om. BFVb,~ 10. 8" F.
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nam quoniam 4B, BI" longitudine incommensura-
biles sunt, etiam 4 B*4- BI"? et 2 A B >< BI" incommen-
4 g p Surabilia sunt [efr.p. 108,1sq.]. et com-
+—————— ponendo 4B* + BI™ -+ 2 4B >< BI,
hoc est 4I"*[I], 4], et 4B >< BI" incommensurabilia
sunt [prop. XVI]. uerum .4B>< BI rationale est; sup-
posuimus enim, 4B et BI" spatium rationale compre-
hendere. itaque AI™ irrationale est. ergo 4TI irratio-
nalis est [def. 4], uocetur antem ex duabus mediis
prima; quod erat demonstrandum.

XXX VI

Si duae mediae potentia tantum commensurabiles
componuntur medium comprehendentes, tota irratio-
nalis est, uocetur autem ex duabus mediis secunda.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI' medium comprehendentes
[prop. XXVIII]. dico, AT irrationalem esse.

B ponatur enim ra-

Ar = ir tionalis 4E, et qua-
4 e H drato AI? aequale
rectae 4 E adplicetur
dZ latitudinem effi-

Z ciens 4H [I, 44). et
quoniam AI* = 4B? 4 BI''+4 2 4B>< BI' {11, 4],

12. ovyre@aay PF. 18. éor. BV, comp. Fb. 17. yde]
om. FVb, m. 2 B. r';]correxaV (23 con'extom.
2 P. 21 Post BI' add. Theon: 6 8t dmo tng AT looy éarl
16 42, xal 10 42 aoa ooy éosl roig %a add. V) ané tov
4B, BI' mxl 16 g vmo THw AB, BI' ( Vb F mg. m. 1),

d‘q naga vy JE V.  mopa t'qv 4 22. dotl]
m. 2 F. 24, péep B, corr. m. 2. at(]m?V
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AB, BI. péoov 8% iméneizar xal to d8lg vmo Taw
AB, BI. xal {0t toig ptv and vov AB, BI' leov
0 E®, t¢ 0% Ol Umo tov AB, BI' loov 6 ZO-
uéoov doe éxdregov tav EO, OZ. xal magd gy
iy AE mogaxsivar ¢ty dow éotly Exarépa v

46, OH xal dovpuetgog v] AE pixs..  émel ody

devppsrods é6tiv 9 AB tfj BI pijxer, xai éoviv og
7 AB mgog v BI', ottwg 0 and tijg AB medg o
vmo tv AB, BI', dovpuctoov dpa Zorl ©6 amd tiig
AB 16 Um0 tdv AB, BI. aild ¢ plv dnd tijg
AB ovppetody dovi vd ovyxelusvov dx tdv dmd TdY
AB, BI retgayadvov, v¢ 0t vmo tév AB, BI' ovy-
pereor €ote Td Olg vnd tov 4B, BI. acvpuergov doa
éovl 10 ovyxslpsvov éx tév dnd tév AB, BI' 16 Olg
v7d 1y AB, BI. aAda voig ulv and vév AB, BI'
foov éotl 10 E®, t 6 dlg Ono tdv AB, BI' loov

dorl ©l @Z. dovupetpov &pa fotl t6 EO 1 OZ

wore xal 9 40 vij OH oty dovppergog pixst. ol
40, OH cea ¢nral eloc dvvdper povov Gvupergol.
wore 7 AH dloyds éotww. gyry 0k 9 AE' 1o 8% vmo
aAdyov xal {nrijs mepueyoucvov dpdoyaviov &Aoydy
dotww' aldoyov dga fotl td AZ ywelov, xal 5 duva-
uévn [avzo] dAoyog fotv. dvwvarar 0% 10 AZ 5 AT

1. xa{] om. BFb; 0 dn6 zow (om. Fb) 4B, BI. péooy
agcz Bb, postea ins. F; RELUEVOY* t6 d8lg vmo rev AB, BT.
pécoy doa mg. m. rec. B. vmo tav] spat. uac. F, . 28]
corr. ex OZ 6. magdxevear V.© 6. émel ovv] wal émel
Theon (BFVb) 7. xal — 9. BI‘] om. Theon (BF VD). 9.
@cvppergov — 10. BI') punctis del. V. 9. dpa] om. FVb,
m. rec. B. docly P.” amo zijg AB 16) ovyxelpevoy &x riv
dwd tdv AB, BI' 16 84 Theon (BFVb). 10. ¢la — 15,
AB, BI" (pnus)] om. Theon (BFVb). In mg. xaf éomy lin, 7
- AB BI" lin. 16 addito xefuevoy et signis >< U ad locum
suum relat. V (lin. 10 ané pro vmd), eadem B mg. m. 2, nisi
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rectae 4 E adplicetar E® quadratis 4B% - BI" ae-
quale. itaque reliquum ®Z =2 4B >< BI'. et quoniam
media est utraque 4B, BI, etiam 4B BI? media
sunt. supposuimus autem, etiam 2 4B >< BI' me-
dium esse. et E@ = AB®* 4 BI'*, Z0 —2 AB><BI.
itaque utrumque E®, @Z medium est. et rationali
AE adplicata sunt. itaque utraque 46, ® H rationalis
est et rectae 4 E longitudine incommensurabilis [prop.
XXII). iam quoniam 4B, BI longitudine incommen-
surabiles sunt, et 4B:BI'= 4B%: 4B><BI [prop.
XXI lemma], 4B% et 4B><BI incommensurabilia
sunt [prop. XI). uerum 4B? et 4B%-} BI™ commen-
surabilia sunt [prop. XV], et 4B><BTI, 2 AB><BI'
commensurabilia sunt [prop. VI}. itaque 4B*-4- BI?
et 2 AB>< BI' incommensurabilia sunt [prop. XIII).
verum E@ == 4B+ BI® @Z =2 AB > BI. itaque
E®, ®Z incommensurabilia sunt. quare etiam 46,
6 H longitudine incommensurabiles sunt [VI, 1; prop.
XI). ergo 46, OH rationales sunt potentia tantum
commensurabiles. quare 4 H irrationalis est [prop.
XXXVI). verum 4 E rationalis est. rectangulum autem
recta irrationali et rationali comprehensum irrationale
est [prop. XX]. quare spatium 4Z irrationale est, et
recta ei aequalis quadrata irrationalis est [def. 4].
verum AI?=AJZ. ergo AT irrationalis est; uocetur

quod om. axd lin. 14 — 4B, BI" lin. 15 et del, aevupcroor

lin 18 — #x tov lin. 14, 17. 6Z] mut. in Z6 V, Z6 BFb.
lotiy P. ©Z) Z6 Bb.  18. dovupereds dote V. prixad]

om. Fb, m. 2 B. Deinde add. #8s(y8noay 8t ¢nral V, m.

2 B. 19. ¢lav PB.  20. ot BV, comp. Fb, 22. otlv P.
»ei] dore xal V. 23, avré] om. P.  éore PBV, comp. Fb.
8 1 JZ 1t0 AT &oa &loyos éouiy F.

Euclides, edd. Heiberg ot Menge. ITI 8
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&hoyog Goa éotly ) AT, xaleloda 0t éx 0vo péoav
dcvréoe. Omep &0er dclion.

A9,

‘Eav 090 evdelar Svvdpst GovppergoL ovy-
ted@ 6L morovowrL 1O plv ovyxelpsvov €x TGV
an’ abrdv rergaydver §qtiév, 10 8 U’ avrav
péeov, 7 04y evBsla dAoydg éotiv, xakilcdew O}
peltav.

Zvpnslodncay yap O0vo evdslaw Ovvdpe aovuus-
190t af AB, BI" mowotoar ta mpoxslpeva® Aéym, 0t
dAoyig dotiv 9 AT .

’Enel pag to vmd tév AB, BI' uéoov foviv, xal
70 Olg [dpa] Umd tov AB, BI udoov dotiv. 16 Ot
ovyxelpevov éx tov and rév AB, BI ¢nuév aovu-
pergov oo fotl 1o 8lg vwd tdv AB, BI 16 evy-
xeipéve éx Tév dmo tév AB, BI" dore xal va dmod
t6v AB, BI" pera ot dlg Umo tov AB, BI', Gmep
forl 76 dnd ijs AT, dovpperooy fowi 765 ovyxaptve
é tov and tdv AB, BI' [énrov 0% ©o avynsiysvov
é tov amd tov AB, BI']" &Aoyov &pa é6tl td dmo
tiic AT dove xal | AT &Aoydg éotiv, xedeloBo O}
peltov. Omeo &der dsikou.

8

‘Eav dvo ¢v@elar Svvdpst aovppsrgor 6vv-
ted@6L moLoboar to piv Svpxelpcvov x TOV
«an’ «drav rerpaydvov uéeov, 1o & v’ wvTdY

2. Jsvtaoa] seq schol., u. app, omep £dae dzioe] comF
P, om. BFVh. 3. 18] om. b, w F. 4. ovveefooiv PB
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autem ex duabus mediis secunda. quod erat demon-
strandum.

XXXIX.

Si duae rectae potentia incommensurabiles com-

ponuntur, quae summam quadratorum suorum ratio-
nalem efficiant, rectangulum autem medium, tota recta
irrationalis est, uocetur autem maior.
_— ' Componantur enim duae rectae
4 B T potentiaincommensurabiles 4B, BT,
quae proposita efficiant [prop. XXXIII]. dico, AT ir-
rationalem esse.

nam quoniam 4 B>< BI" medium est, etiam 2 4B><BI"
medium est [prop. VI, XXIII coroll.]. est autem .4 B*?
+ BI™ rationale. itaque 2 4B><BI' et 4B*} BI™
incommensurabilia sunt [def, 4]. quare etiam A B® -
BI?+4+2 AB><BT, hoc est AT [11, 4], et AB*+} BI"®
incommensurabilia sunt [prop. XVI]. ergo AI? irra-
tionale est; quare etiam AI irrationalis est [def. 4];
uocetur autem maior. quod erat demonstrandum.

XL.
Si duae rectae potentia incommensurabiles compo-
nuntur, quae summam quadratorum suorum mediam
efficiant, rectangulum autem rationale, tota recta irra-

5. uév] ze V. 8. terpdyovov b, 10 3¢ BF, st s b. 7.
éote V, comp. Fb. 12, ot PBV, comp. Fb, 18. &oa]
om. P.  Z6t{ PBV, comp. Fb. 16. z«] 76 B. 18, dozly P.

evuusrgor b, corr. m. rec. dotiv P. 19. $nroy — 20.
BI'] om. P. 20. &loyog F, corr. m. 1. 21. éou PBY,
comp. Fb.  22. peffor] seq. schol, n. app.  Omeq &35 deibon]
om. BFb, comp. P. 23. pe’ F. 24, gvvveBaoy BF. 26,
8¢ F.

g*
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éntdv, 1 Gy s0@sla &hoyds éotiv, xadeiodm OF
éntov xal péooyv dvvaudvy.
Svpnelodooay yug 0vo svdslan Svvduse acvpueroor
af AB, BI" mowotear vé meoxslueva: Aéyw, 8tv &Aoyds
5 éoriv n AT
"Exel yap ©0 ovyxelusvov éx tov and taov AB, BI"
uéoov fotiv, vo 8} dlg vmd tov AB, BI §ntov, aevpy-
peroov doa dorl To ovyxslusvov éx Towv amd tdy AB,
BT ©6 dlg omd tdv AB, BI'* dove xal t0 and vijg
10 AT devpucrody €0t 16 dig Vmd tvov AB, BI. {nrov
8} 70 8lg Um0 vdv AB, BI™ dhoyov &ga 0 amd Tig
AT. &doyog dga 7 AT, xadelodo 0t dnrov xal pé-
cgov Svvauévy. Omep £0st dstéa.

pe’

16 'Eav dvo 08 clar dvvdpss aovppsroor vv-
Te8G 0L moLovoaL TG TE Guyxelpevoy éx tdy an
aVToY TeTgaydvor pécov xal 10 VX avrdy pé-
cov xal EtL aovpperoov tH ovyxeLpive €x THY
ax alrdv tereaydvev, 3 8Ay svdela &Aoyds

20 é6TLy, xakslodw 0% dvo péoa dvvapdvy.

Dvpnelodocay yag 0vo svbelar Svvdus, aevpue-
roor el AB, BI" mowovoar ta mgoxslusva® Aéym, Gr
7 AT &loyds éorwv.

Exxslodo $nry v AE, nel magefspiicfo mapw

8. ya¢] supra ser. m. 1 b, 4. af] supra m. 1 P.  mpoo-
xelpeve F, sed corr. 5. AB, corr. m, rec.,, P. 6. vno F,
corr. m, 2. édov%ryéa- inres V. lotl PBVb, comp. F .

8(5] supra scr m, 1 611-:69] corT. ex pédoy m. 2 V. ovp-
pereov B, corr, m. rec. 8. doriv P.  10. 6 — BI'] bis b,
mg, m. 1P. Post xe/ add. ov»@évre Theon (BFVh), P m.

1. Jizov, 7] in ras. V. 20w BV, comp. Fb.  xeleitar P,
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tionalis est, uocetur autem spatio rationali et medio

aequalis quadrata.

-4 Componantur enim duae rectae potentia incom-
mensurabiles, quae proposita efficiant, 4B, BI"

[prop. XXXIV]. dico, A I irrationalem esse.

B nam quoniam AB? - BI"® medium est, 2 4B
I >< BT autem rationale, 4B*}- BI? et 2 A B><BTI'
ir' incommensurabilia sunt. quare etiam AT et
2 A B><BI incommensurabilia sunt [prop. XVI]. uerum
2 AB><BI rationale est. itaque 4I™ irrationale est.
quare AT irrationalis est [def. 4]; uocetur autem spatio
rationali et medio aequalis quadrata. quod erat demon-
strandum.

XLIL b

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum mediam
efficiant, et rectangulum medium et simul summae
quadratorum incommensurabile, tota recta irrationalis
est, uocetur autem duobus spatiis mediis aequalis
quadrata. _

Componantur enim duae rectae potentia incommen-
surabiles 4B, BI', quae proposita efficiant [prop.
XXXYV]. dico, 4TI irrationalem esse.

ponatur rationalis JE, et rectae JE quadratis

rec.  12. &loyog — AI'] mg. m. 1 P. 18, Svvapévn] seq.
schol.,, u. app.  omse {der deifar] om. BFb, comp. P.~ 14,
pa’] mut. in pf’ m. 2 F. 15, gvvieddary PBF. 17, xal
t6 vx’ avtoy pécov] supra scr. m, 2 V. 19, zevaydvar
PV. 5] m 2F 20 éort PBY, comp. Fb. 22, za mgo-
xelpeve] 70 T8 ovyxsusvoy éx to¥ anmd oy AB, BT pécoy xul
16 970 1oy AB, BT pécov nal fri dovppsteoy 10 cvyxsiuéve
:éuvt(ﬁv dno 16y AB, BT tsrgaydvoy Theon (BF Vb, rezeayuve
b).
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v AE volg plv and tédv AB, BI loov 16 AZ, 76
0% 0lg vmo rdv AB, BI" igov 160 HO®" Glov &pa o
46 oov éotl 16 and vijg A tevgaydve. xal émsl
uéoov fotl ©d ovyxsiuevov éx tdv amd tov AB, BI,

b xal éorw ldov tép AZ, péoov &oo fotl xal to AZ.
xal nmege ¢nroy Ty AE magdxsar: §nry dga édotly
o 4H xal dovpuetpog tii AE wixet. 816 ta edre O
xel 7 HK §nrij éore xal devpustgog v HZ, vovr-
dovy tf} AE, pixer. xol énel dovduperod dovi va amod

10 tév AB, BI" 76 dlg vnd tov 4B, BI', dovuustody
ot 10 AZ v HO" @ore xal § AH vfj HK dovppue-
rpog dotwv. xai &lov ¢nrel af AH, HK &pa nrai
elor Ovvapss udvov ovuuergor” dioyog dga Zotly %
AK 7 xadovuévny éx 8vo Svoudrov. $yry 6% % JE

15 &Aoyov dga éotl 10 4O xal 7 Svvapdvy avrd &loydg
dorw. Ovvarar 0 10 @4 5 AI™ &loyog dga dorly 7
AL, xadelodw 0t dvo péoa Svvapdvy Omep &de
dstkas. '

Ajjppe.

20 Ouv 0 of elonuéver ahopor poveydg Siavgovvrar
elg tag e0elug, & dv ovyxewrar mowovedY T& mEO-
xelpeva eldn, 'dslbopev 70n mpoexdiuevor Anuupaviov
TotovToy*

‘Exxslo®@0 evdsie 7 AB xal veturjodo 7 GAy &lg

o5 avice xad éxdregov tov I, 4, vmoxslodm 0} ueltav

1. JE] corr. ex 4Am. 2 P. 8. 64 P. 6. 4E] corr.

ex dm.rec. B. 7. &1d — 9. pinst) mg. m. 2 F. 8. domy B,
tovzeoniy B. 9. doduucrgdy dove v6 BY. 10. v6 — BI'
mg. m. 1 P (zé corr. ex 6 m. rec.).  11. qea Zol P. AHi
H4b, 12, Zozi VDb, comp. F m, 2. elowy B, Post «
del. 8 F.- doa]l m.2 F. 18. eloww P.  14. 4K] K e corr.

m. 1b 16 dore V,comp. bet m. 2 F. 64] inraa Vb,
48 corr. ex 4H m, 2 B, 7 A m. 2 B, aoa] yeg B.
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AB?+ BI? aequale adplicetur 4Z, rectangulo autem
2 AB><BI aequale HO. itaque 40 = AI" [II, 4].

K o et quoniam A4 B? -} BI? medium est et
== AZ, etiam 4Z medium est. et rectae
H Z rationali 4 E adplicatum est. itaque 4H

rationalis est et rectae 4 E longitudine
incommensurabilis [prop. XXII]. eadem
de causa etiam H K rationalis est et rectae
, ., HZ, hoc est 4E, longitudine incommen-
4 B T gurabilis. et quoniam 4B* - BI? et
2 4B >< BT incommensurabilia sunt, 4Z et H® in-
commensurabilia sunt. quare etiam 4 H, HK incommen-
surabiles sunt [VI, 1; prop. XI]. et sunt rationales;
itaque 4 H, HK rationales sunt potentia tantum com-
mensurabiles. ergo 4K irrationalis est, ex duobus no-
minibus quae vocatur [prop. XXXVI]. 4E autem ratio-
nalis est. itaque 4@ irrationale est, et recta ei aequalis
quadrata irrationalis [def. 4]. est autem AI? = 46,
ergo AT irrationalis est; uocetur autem duobus spatiis
mediis aequalis quadrata. quod erat demonstrandum.

a4 E

Lemma.
Rectas autem irrationales, quas nominauimus, uno
tantum modo in rectas dinidi, ex quibus compositae
j——i—~———  sint proposita efficientibus, demonstra-
A J4ETI' B . . . .
bimus huiusmodi lemmate praemisso.

17. dvvapéyn) seq. schol, u. app. omsg #e1 Seikac] om,
BFVb. 19. lnppg] om. BY, m.rec. P. 20. 6n] = V. 21,
meoonsipeve F, corr. m, 2. 22. wgodéuevor P, moocendipevor
Bget F, sed corr.  24. Ante evPeia ras. 8 litt. V. 5 oy
din FVb, 25, xal #a®’ F. fadrega BY.  dmoxelodo O
xal vwoneloBo P,
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% AT tijg¢ 4B° Aéywm, 8t to awo tév AT, I'B pei-
tove ot 1év amd tov A4, 4B.
Terpijedw yep 1 AB diye xata ©o E. xal émel
ustov éotiv ) AT tiig 4B, xown apneicde 7 AI™
5 Aoy doa ) Ad Aoumig vijg I'B peitov foviv. Loy
0 7 AE 1jj EB* \drrov éga y AE tig EI" ta
I, 4 &ga enusta ovx loov améyovor g diyoroples.
xel énel 10 vmo vaov AT, I'B uera tov ano tig EI
ioov fotl ©o axd i EB, aida pqv xel ©0 vmo tov
10 44, 4B pere tov ando AE loov éotl 1 amd tijg
EB, t6 &ga Umd vdv AT, I'B psra tov amd vijg EI
loov éorl v vmd tov Ad, 4B pera oy amd g
AE' dv to anmo tijg 4E Eacedy dovs 10D dmd tiig
EI xol Aoumov dga 0 vmo tov A, I'B &lacedv
15 €6t 1o Um0 tov Ady AB. @ors xal 1o dlg vmo TV
AT, I'B é\a6ody ot Tov dlg ¥nd tov A4, AB. xal
Aoumdv dga td ovpxsipsvoyv éx tov dmd tov AT, I'B
uEllov dote Tob ovyxeuivov éx tav dno tov Ad, AB
omep &0st deifou.

20 '
‘H éx §vo dvopdrov xare £v povov enuéeiov
diavgeitar &lg e dvopuarea
"Eotw éx dvo ovopdrav 7 AB Siupenuévy &l Ta
dvduara xara 10 I af A, I'B dpa ¢yral &lor dvvd-
25 wsL povoy ovuuerpor. Afyw, 61t 7 AB xar &Ado on-
pelov 0¥ OBumpelree elg Ovo ¢mseg Ovvduer pdvov
ouppEToovs.
2 A4] AT corr. in AB m. rec. b. 4. Post xowwy dél.

8V. 4l ATb, AT xaiP. 6. dlddowy P.  doa foziv P,
7.4, " P. 9 pijp] om. P. 10. tijg JE V. 16] 709 b.
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Ponatur recta 4B et tota in I', 4 in partes in-
aequales secetur, et supponatur 4I" > 4 B. dico, esse
AT + I'B* > A4 + 4B, nam AB in duas partes
aequales secetur in E. et quonmiam AI'> 4B, sub-
trahatur, quae communis est, I itaque relinquitur
AA4>TB. veram AE==EB, itaque 4E < ET. itagque
puncta I', 4 a puncto medio aequaliter non distant.
et quoniam AI'><XI'B 4 EI® == EB* [II, 5], et
AA>< AB 4 AE®* == EB? [id.], erit AI'><I'B+} EI'®
= A4 4B+ 4E* quorum 4E*<EI?, itaque re-
liguum AI'><I'B<A4><A4B. quare etiam 2 4AI'><I'B
< 244> 4B. ergo etiam reliquum') 4I"* 4+ I'B*
> A4+ 4B% quod erat demonstrandum.

XLIL

Recta ex duobus nominibus in uno tantum puncto
In nomina diniditur.

Ex duobus nominibus sit 4B in puncto I" in no-
mina diuisa. itaque 4TI, I'B rationales sunt potentia
tantum commensurabiles [prop. XXXVI]. dico, 4B in
nullo alio puncto in duas rationales potentia tantum
commensurabiles diuidi.

1) Nam
,{Ir’+rB=+2Ar><rB—AB’—Aa'+JB’+2AA><AB
1, 4).

11. I'B} inras. F. 12, tnc] ostea ins. F. 18, av — JE]
om F. {flacor V. éoui] g’ 14 flerzov BV, comp.
F (in B supra scr. peifoy m rec sed del); item lin. 16.  16.
xal] supra scr. F. 18. nmoJ ‘corr. ex w6 m. 2 V. 1.
Ante Gmee add. simso ovvapgitiea loe fotl td (vdv b) amo
tiig AB Theon (BFVb), m. rec. P. 21. xa®’ b.  24. xard]
supra scr. m. 1 P, &loiv PBF.
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Ei yog dvvardv, diporiode xal xate to 4, dote
xal tag Ad, AB fnrag elvar dvvdper uovov Gvuus-
Toovg. @avepdv 01, ote § AT tfj AB ovx fomv 1
atry). &l yag Svvardv, dorw. Eotar 81 xal 7 A4 tf
I'B 1 oty xal &ovow og 7 A" mgos v I'B, ovrag
7 B4 mpog vy 44, xal Eorer ) AB xave o avrd
tfj nave £o I' Suoupdose Saugedsioa xal xata 0 -
Omep ovy Umdxeirar. ovx &ga n AL tfj 4B éorww 7
avty. O 07 vovro xal ve I, 4 onuela ovx loov
anéyovor tijg digovoplas. ¢ Fpa diapios Ta dmd TV
AT, I'B tév dno tév A4, 4B, robrp dixpépe xal
70 dlg vwd 1oy 4.4, 4B ot dlg Uno tov AT, I'B
dix 70 xal ta and vév AT, I'B pera tod dlg vmd rav
AT, I'B xel 1 ano vov Ad, 4B pere rov dlg vmo
tov A4, 4B loa &var ©¢ dnd tijg AB. aldé va amod
1oy AT, I'B 1y and tév Ad, 4B Swpépes fnrep-
énre pao appdrega” xal ©o Olg doa vd tév 44, 4B
tov dig vnd tdy AT, I'B diapéper fnre péoa ovra:
Omeg Gromov' péoov pag péoov ovy vmeéysl ¢nTa.

Ovx &go 1) éx dvo Svoudroy xat &AAo xal &Ado
onuelov Qageltar: xad &y dga pdvov' Gmep Ede
Ociac.

’

'
‘H éx dvo péomov noaty xad £v pdvov oy-
peiov dratpeitac.

1, Sixepslo®o V.  xal xard] xere BFVb., 3. 4B] B4

e corr. m. 2 V. 4. 8] corr. ex 8¢ V. Ad]corr.ex A'V.
,6. I'B] mut. in BI a@g n — 6. forat] m. 2 B. 6.
mv] om. Fb 7] o¢ 1] b (corr.), g supra scr. m. 1 F.
avrd) as- e corr. V; avro_tuipe P, Tufjpa supra scr. m.
2 V. 7. zj xatd] m. rec. P. Post xaf add. zj; supra m.
1V. 8 4B] 4B 10. d=éyovery B. 1ot Siyoropiov P,
corr. m. rec. @) mc @. 12. AT, I'BP. to] corr. ex ov
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Nam, si fieri potest, in 4 diuidatur ita, ut
etiam 44, 4B rationales sint potentia tantum
commensurabiles. manifestum est igitur, AI" et
4B easdem non esse. sint enim, si fieri potest.
itaque etiam A4 et I'B eaedem erunt. et erit
lp A''TB=Bd4:44, et AB etiam in 4 eodem
modo ac in I diuisa erit, id quod contra hypo-
thesim est. quare 4I', 4B eaedem non sunt.
"B g de causa I', 4 puncta a medio puncto
aequaliter non distant [cfr. lemma]. quo igitur
AI? 4 I'B? ab A4 4 4 B® differt [u. lemma], eo
etiam 244 >< 4B a 2 AT >< I'B differt, quia AI'?
+I'B+2A<I'B=AB* = AL | 4AB*}2 44
>< 4B [II, 4). uerum AI* 4 I'B* ab A4 + 4B}
spatio rationali differt; nam utrumque rationale est.
itaque etiam 2 44>< 4B a 2 AI'>< I'B spatio ratio-
nali differt, quamquam media sunt [prop. XXI]; quod
absurdum est; nam spatium medium non excedit me-
dium spatio rationali [prop. XXVI].

Ergo recta ex duobus nominibus non diuiditur in
punctis diuersis; itaque in uno tantum diuiditur; quod
erat demonstrandum.

XLIHI.

Recta ex duabus mediis prima in uno tantum
puncto diuniditur.

m. rec. P. tiv]} om. P. AL, I'B) A4, 4B P. 15. 4B]
supra scr. 4 b. 16, Post I'B ras. magna V. «<ds] corr. ex
tob. 17. dea) suprascr.m.2F. 44BP, corr. m. rec. 18,
ATB Pb, corr. m. rec.  19. dmee aroror] om. Theon (BFVb),
@] &8¢ Theon (BFVD). 21, duezoeitar P, corr. m, rec.
omeg £3ee Jeifar] comp. P, om. BFVb.,  25. Siacpeiron elg
7a dvopata Theon (BFVh).
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"Eotm £x dvo pécav mowry 1 AB dupenpévy xare
70 I', dove vag A, I'B péoas elvar Svvdusr povov
ovupdroovs ¢nTov megieyovsag Afpw, 8ti  AB xat
&Ado onuelov ov Siaupeirat.

E¢ pap dvvardv, dupercde xal xata ©d 4, dors
xoal tag Ad, AB uéoag sivar dvvduse uovov ovpué-
Toovg ¢yTov mepueyovoag. émsl ovw, & dwapépel To dlg
1o tov Ad, 4B vov dlg vxd v AT, I'B, tovie
diagéper te ano tov AT, I'B t6v dno tov Ad, 4B,
ot Ot dapioer to Olg vxo vév Ad, 4B zov Ol
vmo tév A, I'B* ¢nre pyap augireoa’ ¢nrd doe
diagpéper xal t& axd tév AT, I'B tédv dnd tov Ad,
4B uéoa Gvia' omep Eromov.

Ovx dpa 7 éx 0vo uéowv mpory xat &Alo xal
@Ado onusiov Oiatpeiton &g ta Svduata® xa® By dpa
uovoy: omep éde Oelkau.

ud’.

‘H éx dvo péowv Scvidpu xa®d &v udvov on-
pelov diaipeltas.

"Eotw éx dvo péoav dsvrépa n AB dipenuévy xara
70 I, dove vag A, I'B péoag &lver dvvduss povov
ovpuETooUs pEdov meQLENOVONg” Qavegov 81, ot tO I'
ovx ot natic i diyoroulng, OtL ovx &lol unxel Gvu-
usroor. Aéyw, 6ti ) AB xat &Ado oqusiov oV Suu-
esiTal.

E! yap dvvardv, dingiiedeo xal xara to 4, dote

1. % AB] supra ecr. F, corr. ex ) 44 m. rec. P, 4. o9]

om. b. 5. xaf] om. Fb. 9. t@v dndé] in ras. m. 1 P. 10,
AB] supra scr. m. 1 F. 13. Post ovra add. pécor picov
omeoéyeL ¢ntd @. 16, Omee £dec deiken] comp. P, om. BF Vb,
17. pd] mut. in pe” F. 19. Jixigeitar tls T dvopata
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Sit 4B ex duabus mediis prima in I" ita diuisa,
ut AT, I'B mediae sint potentia tantum commensura-
\ — , biles spatium rationale com-
4 a4 r B prehendentes [prop. XXX VII}.
dico, 4B in nullo alio puncto diuidi.

nam, si fieri potest, in A ita diuidatur, ut etiam
A4, 4B mediae sint potentia tantum commensura-
biles spatium rationale comprehendentes. iam quo-
niam, quo differt 2 44 >< 4B a2 AI'><I'B, eo differt
AI* + I'B® ab A4* 4+ 4B% [prop. XLI lemma], et
244 < 4B a 2AI' < I'B spatio rationali differt
(nam utrumgque rationale est), etiam AI™® 4+ I'B? ab
A+ 4B spatio rationali differt, quamquam media
sunt; quod absurdum est [prop. XXVI].

Ergo recta ex duabus mediis prima in nomina non
diuviditar in punctis diuersis; itaque in uno tantum
diuiditur; quod erat demonstrandum.

XLIV.

Recta ex duabus mediis secunda in uno tantum
puncto diuiditur.

Sit 4B ex duabus mediis secunda in I" diuisa,
ita ut 4TI, I'B mediae sint potentia tantum commen-
surabiles spatinm medium comprehendentes [prop.
XXXVIII]. manifestum est igitur, I" punctum medium
non esse, quod longitudine commensurabiles non sunt.
dico, 4 B in nullo alio puncto diuidi.

nam, si fieri potest, etiam in 4 dividatur, ita ut

Theon (BFVb). 238. forus B. 1w Seyoroplay V.  §1i)
én;%r}mp Theon (BFVb). elotv PB.  26. xal] om. Theon
(B b).
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i AT v 4B py eva vy aveiv, ddda pelfove
xe® vmodesw Ty A djAov 87, Ot xal T amd
tov Ad, 4B, ag éndveo {eikapsy, éddcoova tdv dno
t1ov AL, I'B* xal tag Ady, 4B péoas elvar Svvdue
Uovov ovuuétpovs widov megieyovoag. xal Zxxslobo
oney ) EZ, xel tj5 pdv ano vijg AB loov mapa v
EZ mapaiinidpeappov dodoywviov magafsfineda vo
EK, voig 0% ano tdv A", I'B loov appenede 1o
EH' Aoméy &ga to OK ieov forl td Olg vmd tov
AL, I'B. zmaiw 087 voig and tov Ad, 4B, dnep
élacoova €0slydn tov dmd tdv AT, I'B, loov dgn-
01j68@ t0 EA* xal owmdv &pe t6 MK l6ov 1¢ dlg
0 tov AAd, AB. xal énsl uéea Zovl 1 amd rov
AT, T'B, péoov dpa [xel] 160 EH. xel mage $yraw
v EZ magoxezar” nry doo éotlv 9 EO xal dovp-
uergog 5} EZ prxse. dia e avve 67 xal ) ON ¢nri
iore el dovpperos tff EZ wijner. xel émel ol AT,
B uéoae elol dvvdper uévov ovppergor, dovupergog
toa fotlv ) AT vij I'B uixer. g 02 7 AT med3
v I'B, ovrwg ©0 dand tig A mgog ©6 ¥md tow
AT, T'B* aovpuergov oo Zotl ©o6 and wijs AT 16
vwd vév AT, I'B. alde 16 plv and g AT edppe-
rpa ot ta amd tov A, I'B° dvvaus yup eloe
1. Ar] Pinres. F. 2. nard P. dijloy 37, 6t:) dnledy
Theon (BFVb); 6ri add. B m. 2. 3. AT, I'B ucifora tov
éno oy A, 4B, g éndve {delfapsy Theon (BFVDb). 4. Ante
ael add. foro 0" V, et in mg. m. 1 "éldccova tév dwo AT,
I'B. 5. nelodw V, corr. m. 1. 6. ] corr. ex w6 V. 7,
nogadinliyeappoy épfoywviov] om. Theon (BF VD). 9. OK)
inras. V. 10, @mse — 11. I'B] om. Fb, mg. m. 2 BV. 11,
{drrova V.  12. EA)] 976 téy AT, I'B B. Deinde add. mcly
8n toig ano tov A4, 4B Flacoov #delydn tév dno tav AL,

I'B B, #nel nal (nal énel V) ta ano tov A4, 4B #ldcoove
(é2drzova F) &8:iy8n téw amo tév AL, 'B FVh, in V del
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AT, 4B eaedem non sint, sed AI" maior supponatur
(manifestum est igitur, esse etiam 44"+ JB*< AT
-+ I'B®, ut supra demonstravimus [prop. XLI lemma]),
et ut 44, 4B mediae sint potentia tantum commen-
surabiles spatium medium comprehendentes. et pona-

et ———1
A 4r B

R —
YA AH K

tur rationalis EZ, et quadrato 4B? aequale rectae
EZ parallelogrammum rectangulum EK adplicetur [I,
44], quadratis autem AI? 4 I'B* aequale auferatur
EH. itaque quod relinquitur, ®K = 2 AI' < I'B
[, 4). rursus quadratis 44° + 4B* (quae minora
esse quam AI'? 4 I'B% demonstrauimus) aequale aufe-
rator E4. itaque MK =2 AA4>< 4B. et quoniam
A 4 'B? media sunt, EH medium est. et rectae
rationali EZ adplicatum est. ergo E® rationalis est
et rectae EZ longitudine incommensurabilis [prop.
XXII]. eadem de causa etiam @N rationalis est et
rectae EZ longitudine incommensurabilis. et quoniam
AT, I'B mediae sunt potentia tantum commensurabiles,
AT et I'B longitudine incommensurabiles sunt. sed
AI':I'B= AI'*: A" >< I'B [prop. XXI lemma]. itaque
etiam AT et 4 >< I'B incommensurabilia sunt [prop.

[]
dorl to P.  18. dov/] inras. m. 1 b, doriv B. 14, xal 70
t6 BFVh. 16, @N]EHb, ENinras. m. 1 F. 17, Zou» P.
18. &lotv B. 19. I'B] BT B. 20. I'B} in ras. V. 21.
evppszgoy V, corr. m. 1.  AT'] A e corr. V. 22, alld]
supra ser. m, 1 V.  t@] corr. ex ©6 m. 1 F. = pév] e
corr. V.  28. I'B] B eras. B.
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ovuuerpos af AT, I'B. G 8¢ vmo tdv AT, I'B otu-
uetpov édow vd Olg vmd tév AT, I'B. =xal ta axd
tov AT, I'B dpa acvppscted -fove t6 Olg vmd tov
AT, I'B. alda voig pdv amd tév A, I'B leov éotl
v0 EH, 16 6% 8lg vmo vav AT, I'B loov to OK*
aevppstooy dpu éotl ©0 EH tp OK* @ore xal 7 EO
;] ON devupstods €ote prxel. xal &l ¢nral ol
E®, ON é&oa ¢nral elow dvvips povov evpustoor. éav
0t Yo ¢nral Svvduer povov cvpperpol CvTEd@OLY,

% 0dn &loydg oty N xadovuévn éx Svo Svopdrov:

7 EN &pa éx 0vo dvoudrmv Zovl digenuévy xota 0

®. xatd ta avre 0y Jagdjcovvor xal of EM, MN

énral Svvdps povov ovuuetgor xal Sotar ) EN én

dvVo Svoudtov xar &Ako xal &Ado Sipenuévy 6 Te O .
xel T&6 M, xal ovx f6riv 7 E® tfj MN 7 avri, 6

ta and tov AL, I'B pelfovd d6ti tov and tdv Ad,

AB. dlde e ano vov A4, AB pelfova ot tov

olg vmo A4, AB* molid dga xel ta amd tov AT,

I'B, tovréer. 6 EH, petfov dor tod 8lg vmo rav

Ad, 4B, roviéort 100 MK* @6rs xal 7 E® 17)g MN

usltov fotlv. 7 dpa E® tjj MN odx &6ty 5 avryj:

Oxep £0e1 Oetlae.

1. Supra ovpperoor add, « Fb.  td 8¢ — I'B] mg.

m. 1 P, 2 7] corr, ex z66 Vb.  za] supra scr. m. 2 F.
3. cvupsrea b, et B, corr. m. 2; a- del. F. 4, T'B
prixee V.. I'B] (alt) I' e corr. V. 8. loow dor/ P, 6.
dotiy P. EH] H in ras. V. 8. EQ} “@'EF. ¢eloy P.
9. {vte@moy B, corr. m. 2. 10. #x] Ix zév F. 11, Goa
om. P.  dotiy P. 12. 8K b, 16. foriv] foraw V. 7
supra scr. m, 1 F. 7] postea ins, F.  §vi] émerdrjmee Theon
(BFVD). 17. Mg. m. 1: yo. ta 8t ano (tdv A, 4 F) Fb.
18. 1oy A4 FV. 19. tovtésre P. 20, roviéouy P.  ro9)

e corr. V. MK] M seq. ras. 1 litt. B. %] supra ser. m,
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XI). uverum AI' et 4I"* 4- I'B? commensurabilia sunt;
nam AI', I'B potentia commensurabiles sunt. et
AI'><I'B, 2 AT'><XI'B commensurabilia sunt [prop.
VI}. quare etiam 4I"® 4 I'B? et 24I">< I'B incommen-
surabilia sunt [prop. XIII]. verum EH =4I+ I'B’,
@K =2 AI'>< I'B. itaque EH, ® K incommensurabilia
sunt. quare etiam E®, @N longitudine incommensu-
rabiles sunt [VI, 1; prop. XI]. et sunt rationales.
itaque E®, O N rationales sunt potentia tantum com-
mensurabiles. sin duae rectae rationales potentia tantum
commensurabiles componuntur, tota irrationalis est ex
duobus nominibus, quae uocatur [prop. XXXVI]. itaque
EN ex duobus nominibus est in @ diuisa. eodem igitur
modo demonstrabimus, etiam EM, M N rationales esse
potentia tantum commensurabiles. et EN, quae ex
duobus nominibus est, in punctis diuersis @ et M
diuisa erit [quod absurdum est; prop. XLII), et E®, MN
eaedem non sunt, quod AI? 4 I'B*> A4° 4 4B?;
verum 4 A2+ 4 B*> 2 4.4 < 4 B.") quare multo magis
A4 T'B'>24.4>< 4B, hoc est EH> MK. quare
etiam E® > MN [VI, 1]. itaque E®, MN eaedem
non sunt; quod erat demonstrandum.

1) U. prop. LIX lemma.

1b. 2L peifor V, sed corr. tf] zig b.  Post avry add.
1 EN doa éx dvo ovo{mrmv xadovpévy xat” &ldo xal dido an-
peioy Omwsmu 8nsp Gromoy. ofx Goa éx Jvo p,scmr devréga
uat dilo xal &ldo onpeioy Sranpeitar 7} nad®’ Ty pévoy F. 22,
6meq £8et 3eifar] om, BVh.

Euclides, edd. Heiberg ot Menge. ITL 9
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’

ue.
‘H peitov xata td avrd pdvov onpelov Svae-
pélrar,
"Eora usltov 7 AB diunonuévy xare 6 I, Bore
s tag A, I'B Svvdpes aovupérgovs elvar moiovoag td
pdv ovpxsiuevoy éx tov ané teov AT, I'B terpaydvoy
¢nzov, 10 & vmd tdv AL, I'B péoov: Aéym, om 7
AB xa? aido onuetov ov diaspsitat. .
E! yap dvvardv, Oigericdw xal xave vo 4, dote
10 xal tag Ad, 4B Svvdust dovppéroovs elvar molov-
Gag To piv ovpxelusvov éx Tdv and tdv Ad, AB §y-
v, 16 & U adrdv ploov. xal émel, ¢ Oaplps
te dnd tév AI, I'B tdv and vdv A4, 4B, toire
diagpépsr xal ©6 Olg vmo tdv A4, AB vov blg vmo
16 tév AT, I'B, alie ta and tév AT, I'B tov ano
rdy A4, AB vmepéys e fyra yke apgpdrsoa’
xal 0 Olg Um0 vy A4, AB &pa tov dlg Vwd THY
AT, I'B vmepéyer nred uéoa Svra' Gmsp dotlv &0v-
vatov, ovx dpe 1) pelfwv xat &Ako xal &Alo enuslov
20 Otonpeitar” xata ©O avvd dpa wovov dimipsirar® Omee
édse Oetkar.
us’.
‘H ¢ntov xal péoov Svvapévy xa® Ev pdvov
onjuetoy diacpelras.
25 “Eotw ¢nrov xal péoov_dvvapévn 1 AB Sugenuévy
xare ©0 I'y dore tag Ay, I'B dvvduer dovuuérgovs -

2. Supra 76 add. m. 2 xel §» P.  Supsitar
elg Ta 6vopata Theon F BFVb). 5. I'B] supra scr. B. upra
motovoag scr, xal m. 1 V. 6, AT'] I'4 Fb; mg. m. 1 4B,
BT b. tetpaydymy] supra scr. o b, -my in ras. V., 1.
éntog F. 3§ BF. 9. xal] om. Theon (BFVb).  10. 8v-
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XLV.

Recta maior in uno tantum puncto diuiditur.

Sit 4 B maior in I ita diuisa, ut 4 I', I'B potentia
incommensurabiles sint efficientes summam 4 I'* 4 I'"B?
rationalem, 4I">< I'B autem medium [prop. XXXIX].
dico, 4B in nullo alio puncto diuidi.

y nam, si fieri potest, etiam in 4 diuidatur,
ita ut 44, 4B potentia incommensurabiles sint
14 efficientes summam A44% 4+ 4 B* rationalem,
L Ad > 4B autem medium. et quoniam, quo

AI* 4+ I'B? ab 4A4* 4 4B* differt [prop. XLI
lemma], eo etiam 2 44>< 4B a 2A4AI'>< T'B
-B differt [cfr. p. 122,10 8q.], et 4I? 4 I'B*® excedit
AA4%* 4+ AB? spatio rationali (nam utrumque ratio-
nale est), etiam 244 >< 4B excedit 24I'><I'B
spatio rationali, quamquam media sunt; quod fieri non
potest [prop. XXVI]. itaque maior non diuiditur in
punctis diuersis. ergo in uno tantum diuiditur; quod
erat demonstrandum.

XLVIL
Recta spatio rationali et medio aequalis quadrata
in uno tantum puneto diuiditur.
Sit 4B recta spatio rationali et medio aequalis
quadrata in I’ ita diuisa, ut 4T, I'B potentia incom-
mensurabiles sint efficientes A4I® 4+ I'B* medium,

vapetg P, corr. m. 1. 11. zov and] m. 2 V.  {§prav F.
12. 8¢ F. dtaov P, corr. m. 1. 14, 6] corr. ex zob V.
17. z0] ta V.  20. dmso £8er deifar) comg. P, om. BFVb.
24, Post dixgeitar add. els ta dvopare Theon (BFVD), P

m. 2,

9%



132 ZTOIXEIOQN /.

slvar motovGeg 1O piy Gupxelucvov éx TOV A0 TOY

AT, I'B péeov, 16 8% dig vmd tav AL, I'B gyrdv

iéyw, Gt ) AB xav &ldo enueiov ov dixpeitar.
E! pag dvverdv, Siperiodw xal xare toé A4, dore

5 xal rag AA, 4B Svvdue dovppéreovg elver moLov-
oag T0 pdv ovyxeluevov éx Tdv amd vdv Ad, 4B
péeov, ©o 0t dlg vmo tév Ad, AB ¢qrov. énel ovw,
o diapéper 10 Olg vmd dv AT, I'B tob dlg dmd raw
Ad, 4B, tovre diapépe xal ta and tdv Ad, 4B

10 Tév ané taov AI, I'B, 70 0% dlg vmo rav AT, I'B
rov Olg Um0 tdv Ad, AB vmegéys ¢nred, xal e
ano oy A4, 4B &go rév and tov AL, I'B Un-
spéyeL gnre péoe Svrar Omep dotly advvarov. ovx doa
7 dyvov xal péoov dvvapdvy xat &Ako xal &Aio of- -

16 uelov duaipelrar. xate & dpa enuslov diapelvar:
omeg £dsr Oelar.-

_ ug.
‘H 8vo péoa dvvapfvy xa® Ev udvov ay-
petov Sravpelzae.

20 "Eotw [dvo péoa dvvapévy]  AB dupenuévy xata
©0 T, Sote tag AT, I'B duvvdus dovpulroovs slvor
moLovoag 10 TE Cupxslpevov éx ey and vov AL, I'B
uéoov xal 76 vnd tov A, I'B péoov xal & covu-
UETQOV TGO Ovyxsuéve éx 1oV an avtov. Adyw, O

26 7 AB xav &Ado onustov ov Simpsitar mowovew T
TOORELUEV QL.

2. I'B] inras. V.  8¢] & B, ovyneipevoy &x tav V.  3ig]
om, Theon FQBFVb) vuo]vcon' ex ano V. 3. Post 1éym
ras. 1 litt. AB :98sia 4. %] om. Bb, postea add.
FV. . uau] supra scr. V. 6. dmo oy — 7. énrov] in
ras. m. 1 F. 6. 4B} 4B, KZ b. 1. 8¢] 8" BFb, 3t ovy-
uelpevoy éx tavy V.  84] om. Theon (BFVb).  10. 8¢] om.
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2 A'>< I'B autem rationale [prop. XL]. dico, 4B in
nullo alio puncto diuidi.

nam si fieri potest, etiam in o ita diuidatur,
ut 44, 4B potentia incommensurabiles sint ef-
14 ficientes 4 4* + 4B medium, 2 4 4>< 4B autem
1" rationale. iam quoniam, quo differt 2 AI'><I'B
824 4><4B,eo etiam A 4* 4 4B%ab AT'* 4 I'B*
differt, 2 A"’ >< I'B autem 2 44 >< 4B excedit
spatio rationali, etiam A44% 4+ JB? excedit
AI'* 4 I'B® spatio rationali, quamquam media
sunt; quod fieri non potest [prop. XX VI]. itaque recta
spatio rationali et medio aequalis quadrata non diuiditur
in punctis diuersis. ergo in uno tantum puncto diui-
ditur; quod erat demonstrandum.

XLVIL

Recta duobus spatiis mediis aequalis quadrata in
uno tantum puncto diuiditur,

Sit 4B in I' ita divisa, ut 4I", I'B potentia in-
commensurabiles sint efficientes 4I'* 4 I'B® medium
et AI'><I'B medium et simul quadratis 4I"® 4 I'B?
incommensurabile [prop. XLI]. dico, 4B in nullo alio
puncto diuidi, ita ut proposita efficiat.

BYV. olg doa V. 11. -ra?% w P. 12. zav] (alt) corr.
ex t¢ m. 2 F. 14, onpeie P, corr. m. 1. 15. xad” BFD,

xatd — 16, Selfae] m. 2 V. 16. Oweg #0ec Seifon] comp.
P, om. BF. 17. ut’} e corr. F, 18. 7 8vo péox] in ras.
m, 1 F. 19, iarpeitan £lg za évdpara Theon (ﬁ‘FV ). 20.
dvo péoce Qusepéyn] om. P. 28. xal 16 — pécov] mg. m.
1P 6] 10 ovyxeluevoy x ray V. 24. T ovyreipéve)
ego; t0 cvyxelpsvor PBFVb.  Post adzdv add. 74 (corr. ex
7o m. rec. P) avyuscy.s'vm (corr. ex -psvor m. rec. P) éx tav
on’ (corr. ex dn’ m. 2 V, ax’ b) adedr (reroaydvayv add. b,
F m. 2) BFVb, P mg. m. 1,
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E¢ yap dvvardy, dineriode xara t0 4, ©ote malw
dniovérs iy AT tf AB uy ever iy adriy, adla
pelbova xad vnédeaw vy AT, xal éxxelodo yoy
% EZ, nal wegafsfliicdo nepe tiv EZ tolg plv dxod
t6v AT, I'B loov 76 EH, ©6 0% dlg vmo tév AT,
I'B teov ©o @K* 3iov &ge 6 EK loov éotl vg dmod
tiig AB vergoydve. wmdikwv O0n magafefiiodo muge
qv EZ toig and tév AAd, AB loov ©6 EA° Aoumov
doa o Olg vmo tdv Ad, AB Aong v MK loov
dotlv. xol émel péoov Umixeiran TO Ovyxsiusvov ix
16y and rév AT, I'B, uéoov dpa dorl xal 1o EH.
xal mage ¢nryv iy EZ mapdxerars $nry deo fotly
% OF xal dovpuctgog tfj EZ wifxer. Oia ta avra d)
xal 7 ON ¢nuy éove xel dovuppergos ©f EZ uijxe.
not émel agvuustody fote vo ovyxelusvov €x ToV dmo
tov AT, I'B ©6 dlg vmd tév AT, I'B, »el 0 EH
doe (@ HN aovpperodv fotwv' wote xal 7 EO 14
ON daovppsreog éotwv. xal &lou §nrait of E@, ON
dpa gnral slov dvvdpsr povov evuusrgor’ 3 EN dou
éx dvo Svopdrav derl duponuévy xare vo @, Opolwg
07 Oelfopcv, 01t xol xave o M dujonron. xal ovx
éorww ) EO 1 MN 75 adry)' % dea éx dvo dvoud-
1oy xat &ido xal &Ado onusiov dujonrar” omsp doriv
dromov. oUx &puo 7 Ovo pfoa Svvaudvy xet &Alo xal
&Ado onustov dwupeitar' xad Ev Goa wdvov [onuetov]
deacelral.

1, xal xave V. 3. welofo P, 6. EK] corr. ex OK
m 2 P 10. dor/{ BV, comp. Fb. 13. @E] E® P. 14
douv P.  16. 76 — 16. tv¢] in ras. m. 1 F.~  18. @] 6
coyxewpéve éx 1oy (rob F) FVb.  &/) supra scr. F. ~ vmo
inras. F. I'B] BI'F. EN b. 17 cdga] om. V. 1
mat. in zéy m. 2 V. HN] 6K BFb, K &ea V. 18.
{o6uv] comp. Fb, v pines V. eloy PB. 19. ¢laiv PB.
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nam, si fieri po'test, in 4 ita dividatur, ut scilicet
rursus AI'y, 4B eaedem non sint, sed supponatur maior
M6 . AT, et ponatur rationalis EZ,

- E,

iA | et rectae EZ quadratis 4"+
, I'B?aequale adplicetur E H, rect-
P l angulo autem 2 AI'><I'B ae-
I quale ®K. itaque EK = 4 B!
r’ (II, 4]. iam rursus rectae EZ

3 H 2

L I . quadratis 4 4% 4 4B* aequale

adplicetur E4. itaque quod re-
linquitur, 2 44 >< 4B = MK. et quoniam suppo-
suimus, AI'* - I'B? medium esse, etiam EH me-
dium est. et rectae rationali EZ adplicatum est; itaque
O E rationalis est et rectae EZ longitudine incommen-
surabilis [prop. XXII], eadem de causa etiam @ N ratio-
nalis est et rectae EZ longitudine incommensurabilis.
et quoniam AT 4 I'B* et 2 4I'>< I' B incommensura-
bilia sunt, etiam EH, HN incommensurabilia sunt.
quare etiam E®, ® N incommensurabiles sunt [VI, 1;
prop. XI]. et sunt rationales. itaque E®, ®N ratio-
nales sunt potentia tantum commensurabiles. ergo EN
ex duobus nominibus est in @ dinisa [prop. XXX VI).
similiter demonstrabimus, eandem in M diuisam esse,
et E®, MN eaedem non sunt. itaque recta ex duobus
nominibus in punctis diuersis dinisa est; quod fieri
non potest [prop. XLII]. itaque recta duobus spatiis
mediis aequalis quadrata non diuiditur in punctis diuersis.
ergo in uno tantum diuiditur.

21. dwnoeizan V., 22. MN &oa b. éx tav P, 23,
dromdy dorv V. 24. 5] corr.ex fx V. 25, &va F. oanusiov]
om. P.
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"Opot dsvtsgou.

‘Proxspsvys @yris xal vis éx 8vo dvopdreov
dugonuévng &ls va Svdpara, 7g TO usifov Gvoua Tov
éldecovog pelfor Odvvatar te amd ovppdreov favty

5 wijxee, oy uplyv 7o peifov Gvope ovppetgov 7 wixer
o] dxxespévy ¢y, nedeledw [ 6An] éx 8vo dvopd-
TOV TeWTY.

B. ’Ecv 8} vo éidedov Gvopa ovpucreov 7j mixe
) éuxeusvy Gnri, xedelodo éx Vo dvopdrov

10 0svrépa.

9. 'Eav 0% undéregov tdv dvoudrov euppsrgov
7 wijxes vfj duxaipévy fqrii, xedelodo dx Yo dvoud-
Tov Telty.

&', ITdAw 8y dav ©o petfov dvopw [vob éAdosovog]

15 petfov Svvmrar T amé acvppérpov favr prxe, éav
pdv o psifov Svopa ovpuetoov 7 wixs tfj xxeipdvy
énthi, xadeiodo éx dvo ovoudrov TeTdoTn.

&. ’Eav 6} t©d adgoov, méumTy.

§'. 'Eav 0% undéregov, Ext.

20 pn'.
Edpetv tnv éx dvo dvopdrov medTyw.
"Exxeiodwoay dvo apudpol of AT, I'B, dote tov
ovyxeluevov € avrav 1év AB meog uiv vov BI” Adyov
&geww, Ov reTpdywvog deuiuds mEOg TETEHYOVOV dpL-
25 dudv, mpdg 0% rov I'd Adyov uy &ysw, Ov rerpdyw-
vog doududg medg rergdymvov dpiducy, xal fxxelodm

1. Geot dsvregot] mg. B, m. 2 V, om. F, sn’ b. numeros
om. codd. 4. fldrrovos BFb.  ebr B, corr. m. rec.; et
supra scr. @ b; é- e corr. V. b ynueg (alt) om. V, m, 2 F
(eras.). 6. 611:7; prixee FV. 7 81n)] supra scr. m. 2 P éin B.
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Definitiones alterae.

1. Proposita recta rationali et recta ex duobus no-
minibus in nomina diuisa, cuius nomen maius potentia
minus excedit quadrato rectae sibi longitudine com-
mensurabilis, si maius nomen rationali propositae lon-
gitudine commensurabile est, uocetur ex duobus no-
minibus prima.

2. Sin minus nomen rationali propositae longitudine
commensurabile est, nocetur ex duobus nominibus se-
cunda.

3. Sin neutrum nomen rationali propositae longi-
tudine commensurabile est, uocetur ex duobus nominibus
tertia.

4. Rursus si maius nomen potentia excedit quadrato
rectae sibi longitudine incommensurabilis, si maius
nomen rationali propositae longitudine commensurabile
est, nocetur ex duobus nominibus quarta.

5. Sin minus commensurabile est, quinta.

6. Sin neutrum, sexta.

XLVIIL

Inuenire rectam ex duobus nominibus primam.

Exponantur duo numeri AI', I'B eius modi, ut
AB : BI rationem habeat, quam numerus quadratus
ad numerum quadratum, 4B autem ad I'4 rationem
non habeat, quam numerus quadratus ad numerum
quadratum [prop. XXVIII lemma), et exponatur ratio-

8. wixec) om. V. 9. nzj primes V. 5 61n éx F. 14,
tod élaccovog] m. 2 P, zov éldrrovos V. 15, ovpuéreov BFb,
corr. m, 2.  favrj] supra scr. @ b, 18. dvoua] om. V. 19,
8eq. schol,, u. app.  20. p®’ F.  28. zév] (prius) corr. ex
toy V.  25. I'M] ras. V.

-
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ng ¢ney 1 4, xel v 4 eVppctos fote wijxee y EZ.
onen doe éovl ol § EZ. xal yeyovérw og 6 BA
doidudg mpog tov AL, otrwg t6 dmd tijg EZ medg
70 ano thig ZH, 6 0% AB mpog tov AT Adyov &y,
Ov douBudg medg apududy: xal t6 amd i EZ &ga
npdg ©0 amo tijg ZH Adyov Eyer, Ov deiduos meog
deududv: dgre ovppstedv dor 10 and tig EZ
and tiig ZH. nal dove §mey v EZ §nry dpe xal 7
ZH. xal énel 6 BA mpog tov AL Adyov ovx Eyet,
Ov rerpdymvog Goiduds medg Terpdymvov agLiudv,
ovdt t0 ano vijg EZ &pa moog 10 and vijg ZH Aoyov
e, OV TETPEYOVOS AQLBUOS TEOS TETPEYOVOY GQLIUIY"
a’zo‘dyy,steog dga fotlv § EZ 1:17 ZH wijner. of EZ,
ZH & apa énta[ eloL 6vvay.el. ubvov avy.ye-rgov éx dvo
dpa ovoy.amw dotly 'r) EH.

Aéyw, 8vr xal mwparry.

'Enel pdo éotiv &g 6 BA dgududg mpog tév AT,
ovtwg 16 amo tiig EZ medg vod axo vijs ZH, pelfov
0t 6 BA vot AT, petfov dpa xal 76 amd wfjg EZ
rod and tijg ZH. &6tw ovv 16 amd tiig EZ loa o
dnd tov ZH, @. xal énel dotv wg 6 BA mog tov
AT, otrwg 10 and vijg EZ meds ©6 amoé tijg ZH,
dvaoreépavts dga oty dg 6 AB xgog tov BI, otrwg
70 and viig EZ modg 10 amd tijs ©. 6 0% AB mgdg

25 tov BI Adyov &yet, Ov retpdymvog aiduds meog TeTod-

yovoy ceududv: xel 16 ano tig EZ &ea meds 10
ano tig @ Adyov Fyer, Ov TeT@dywvog auuds mEog
retpdyavoy aeududy. avuuergog Goa fetiv  EZ tj

1. 7ig)] supra scr. m. 1 V. 2. ol xal] detlv B. 3.

AT T4 Vb. Dein add. agifucv V. 4. ZH] H eras. F,
63 — 5. dgPpéy] mg. m. 2 B. 5. avo F.~ 8. louwv B,
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nalis aliqua 4, et rectae 4 longitudine commensura-
bilis sit EZ; itaque EZ rationalis est [def. 3]. et fiat

p< | & 314:111-‘=——-.EZ2:Z.FI2

E, [prop. VI coroll.]. uerum

' z H AB: AT rationem ha-
4 r B bet, quam numerus
: _ ad numerum. itaque

etiam EZ%:ZH?® rationem habet, quam numerus ad
numerom. quare EZ?, ZH*® commensurabilia sunt
[prop. VI]. et EZ rationalis est. itaque etiam ZH
rationalis est. et quoniam B.:AI" rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne EZ? quidem ad Z H? rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,ZH longitudine incommensurabiles sunt [prop.IX].
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. dico, eandem primam esse.

nam quoniam est BA: A'=EZ*:ZH*% et BA> AT,
erit etiam EZ*>ZH® [V, 14). sit igitur ZH® 4 &°
= EZ* et quoniam est BA: AI'= EZ?*:Z H? conuer-
tendo [V, 19 coroll] est 4B: B=EZ*:&% uerum
AB:BI rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam EZ?:@®* rationem
habet, quam numerus quadratus ad numerum quadratum.
quare EZ, ® longitudine commensurabiles sunt [prop.

9. B4] mut. in 4B V. _ o9x] postea ins. F.  14. ZH —
Svvdpe] m. 2 B.  elow P, 715, dea) m. rec. b. 17 0]
inras. m. 1 P. ABF. 18. 6] (prius) supra scr. m. 1 P,

peifov F. 20, zo] corr. ex o V. 21. AB P. 25, tav]
om. BFb. BI'] I' supra scr. V.  26. EZ] ZE corr, ex
ZBF. 27. 8] seq, ras. 1 litt. F.
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6 unxe 3 EZ Goe tig ZH petfov dvvaras ¢ amd
ovpudrpov éavrfi. xel elov gnrel of EZ, ZH, xal
ovupetgog 7 EZ tf} 4 pixe.
‘H EH &pe éx 0vo dvopctav forl mpwry Omep
£0e delban,
ud’.

Evoelv tyv éx 8vo dvoudrov dsvrépaw.

‘Exxsiadwoay 8vo deuduol of AT, I'B, dore tov
ovyxeipsvoy & adtiv tov AB meog uiv vov BI' Ad-
yov Eyev, Ov teTpdymvog deuBuds medg TETQAp@VOV
aguducv, wedg 8% tov AT Adyov wy Egew, Ov tevpa-
y0vog agududg meog tetpdyavov dgiducy, xal éxxsio-
80 ¢ty 4 4, xal tj 4 ovpuergog éorw 1) EZ pixer
onty dpa éotly n EZ. peyovéitw O xel o 6 I'A
apududg meos tov AB, olrwg 0 amd vijs EZ medg
70 azmo thig ZH' ovpusrgov dpa forl ©d axd vig EZ
1 and vijs ZH. $qry éoa éovl xal § ZH. xal énel
0 I' 4 apudpog mods tov A B Adyov ovx &yel, ov terpa-
yovog deiduds meog TETQywYOv deidudy, ovdE 10
and tig EZ mpdg 10 dmd tviig ZH Adyov e, ov ze-
Tpdyavog Geiduds mEos TeTEdy@vov aELdudy. aevu-
uergog dpo éotlv ) EZ vy ZH piuer of EZ, ZH
cpa Onral slow dvvaps povoy evuuctgor’ éx dvo dpu
b ’ 1
ovopatev éotlv 7 EH.

dsixréov 01, O0te xel dsvréga.

2. elay PB. 8. acvppergos F, a- eras.; deinde add.
nixee, del. m. 1, Post unxse del. dovppsrgor m. 1 F. 4.
onee €3¢ Seikou] comp. P, om. BFVb. 6. ' F, et sic dein-
ceps. B.tov] correx tom. 2 V. 11, T4 BVb 12
tetgoyovos F.  18. EZ) ZH BVb, inras. F, m. rec. P.  14.
énti — EZ)] xal % ZH doa gty  F— EZ] ZH BVY,

m. rec. P. ytyovéito 81 »al] nal foto V. éé F, supra
scr. &7. 15. EZ) HZ F, et corr. ex ZH V, ZH Bb, P m,
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IX]. itaque EZ® excedit ZH?® quadrato rectae sibi
commensurabilis. et EZ, Z H rationales sunt, et EZ, 4
longitudine commensurabiles.

Ergo EH ex duobus nominibus est prima [def.
alt. 1]; quod erat demonstrandum.

XLIX.

Inuenire rectam ex duobus nominibus secundam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus
ad numernm quadratum, ad 4I" autem rationem non
habeat, quam numerus quadratus ad numerum qua-
A - -E dratum [prop. XXVIII lemma]. et po-
' ‘ Ig natur rationalis 4, et rectae 4 longi-
“4 tudine commensurabilis sit EZ; itaque
- EZ rationalis est. iam fiat etiam
I'4: AB= EZ*:Z H* [prop. VI coroll.].
itaque EZ% Z H? commensurabilia sunt
~H [prop. VI]. quare etiam ZH ratio-

nalis est. et quoniam I'4: 4B rationem non habet,
quam numerus quadratus ad numerum quadratum, ne
EZ? quidem ad ZH?® rationem habet, quam numerus
quadratus ad numerum quadratum. itaque EZ, ZH
longitudine incommensurabiles sunt [prop. IX]. quare
EZ, ZH rationales sunt potentia tantum commensu-
rabiles. ergo EH ex duobus nominibus est [prop.
XXXVI]. iam demonstrandum, eandem secundam esse.

zZ

rec. 16. ZH] ZE BFVb, m. rec. P; item lin. 17 bis, 20, 22,
16. EZ] HZ Bb, et corr. ex ZHV ZHF Pm.rec. 17.doziv B,
18. I'4] in ras, V., 19. 08’ doa Theon (BF VD). 20.

EZ] HZ BFV, et e corr. m. 1 b. 22. EZ] HZ Bb, P m.

rec.; ZH V, ZH' F. tig b, 28. slov B. 25. 8¢ P.
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'Enel yag dvdmadly dotiv g 6 BA dgiduds meog
tov AT, ovrwg 0 axd tiig HZ mpog 6 ano tijs ZE,
peliov 6 6 BA vov AT, peifov é&pa [xal] ©0 amd
g HZ vov and viig ZE. &otw ©é and vijg HZ iow
ta and tédv EZ, @ avaereépavry &oa éotly dg 6 AB
neog ©ov BI', oltwg 10 and tijg ZH meds 0 dmod
tijg @. aAl & AB mdg tov BI Adyov &yei, Ov rergd-
yovog deududs mpog TeTedywvov apududy: xel To dmd
g Z H figa mpds 10 amd tijs @ Adyov xer, Ov teTod-
yovog deiduds meodg TeTpaywvoy dQUBNCY. GUMKETQOS
doa dotlv 1, ZH vjj @ pyxse: worse 3y ZH tjg ZE
uelfov dvverar ©d amd ovuuérgov favry. xal elow
¢mel of ZH, ZE Svvapse pdvov evpucrgor, xal o
EZ Elagoov Svopw ©f fxxeipévy $nry] ovpuctody dove
tij 4 prxese.

‘H EH &ga & 6vo 6voyamw éotl devrépa’ Omep
&0eL Oelac.

’
v.

Edgeiv tqv éx Yo dvoudtov rolryv.

‘Exxslo@woay dvo dgudpol of AT, I'B, @are tov
ovyxelucvov é§ avrdv vov AB mpog utv tov BI Ac-
yov &geww, Ov teredymvog agududs medg TETEAy@VOV
doududy, moog 6t 1ov AT Adyov un Egewv, ov tevpd-
yovog doududs medg TETayevov aeududv. xxelcHwm
0¢ tig xal &Adog wy teTpdywvog dpiduds 0 A, xal
ngog éxarsgov v BA, AT Adyov uy éxérm, Ov e

1. ABP.  aqbpdg)] om b. 2. HZ] EZ BFVb, m.
rec. P, item lin. 4 bis. ZH BFVb m. rec. P, item
lin. 4, 11. 8. pelfoy — AF mg. m 1P (y.s;_l;ov, sed corr.
m, 1) BA] 4 e corr. V. umg om. P. EZ] HZ

):

BFVb, m. rec. P. 6] 5 b ¢ (non 6. Z H) EZ BFVb,
m. rec. P, item lin. 9, 11 bis. 8. xal — 10. ¢tducr] mg. m.
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nam quoniam e contrario est [V, 7 coroll] B4: 4"
=HZ*:ZE* et BA> AT, erit HZ*> ZE*® [V, 14].
sit HZ? = EZ® 4 @*. conuertendo [V, 19 coroll] igitur
est AB: B ==7ZH*: @ uerum A4B:BI rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque etiam Z H?:®? rationem habet,
quam numerus quadratus ad numerum quadratum.
itaque Z H, O longitudine commensurabiles sunt [prop.
IX]. quare ZH?*® excedit ZE*® quadrato rectae sibi
commensurabilis. et rationales sunt ZH, ZE potentia
tantum commensurabiles, et minus nomen EZ rationali
propositae 4 commensurabilis est longitudine.

Ergo EH ex duobus nominibus secunda est [def.
alt. 2]; quod erat demonstrandum.

. L.
Inuenire rectam ex duobus nominibus tertiam.
Exponantur duo numeri AI', I'B eius modi, ut
AB ad BI rationem habeat, quam numerus quadratus ad
numeruin quadratum, ad 4 I"autem rationem non habeat,

Y| ' B
—t
Er—— K A4 ——

2 e

quam numerus quadratus ad numerum quadratum. ex-
ponatur autem etiam alius aliquis numerus non qua-
dratus 4, et ad utrumque B A4, AT rationem ne habeat,

1 F 12. elow B. 13. EZ, ZH BFVb, m. rec. P. 14,
EZ) ZH BFYVb, m. rec. P. Iluuov BVb comi‘ F.  ovp-

ueteov doti Theon (BFVD).  ovpperedy fori] om. Theon

(BFVDb),  16. Gmze 5651. du'gou] co P, om. B 20.

xeloBwoay, supra scr. éx, V. dvo]p corr. ex of m. rec. P.
25. deiBuds] om. V.
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todymvog deiduds mdg TeTpdymvoy dotducv xal éx-
xeledw vig $yry evdela ) E, xal yeyovéro og 6 4
npdg tov AB, ovrmg To and g E meds to amd vig
ZH* ovuustgov &puo dorl 10 and tiig E tH ano tijg
5 ZH. xal éot ¢quyy ) E° $qry dee éovl xal § ZH.
xal émel 6 4 mpds tov AB Adyov ovx Exel, Ov TeTEd-
yovog deiduds meds TeTpdymvov deududyv, 0vd: To
and vijg E mpog ©o d=md vijg ZH Adyov &ys, Ov zerpd-
yovog doiduds medg TETRdywVOY GQUOUdY® aeUuusTEOS
10 dpa dotly 7 E vff ZH wijxe. yeyovérm 09 mdiw g
7 BA agudpog medg tov AT, ovrwg ©6 amd g ZH
npog t0 amd tijg HO' evpperoov dpa fotl 10 anod
g ZH 16 and tijig HO. {$nry 8t 5 ZH: ey Goo
xal § HO. xal Zmsl 6 BA mpog tov AT Adyov odx
16 &xe, Ov verpdywvog deidudg TPoOS TETQEY@YOY AQLdUdY,
ovd¢ 0 amd vijg ZH mpdg 0 amo tiig OH Adyov
&eL, Ov TeTQUywvog deLiudg mMEOg TETQAYWVOV dQL-
Budv devuuergog dpa fotlv 1 ZH v HO upijxs.
of ZH, H® &ga $nral eloe dvvduer udvov oduustgor’
20 1 ZO dga éx dvo Svoudrov doriv.

Aéya 81, Sve xal Tolry.

‘Enmel pig fomv og 6 4 meds tov AB, otrwg o
a0 tijg E medg 16 and vig ZH, dg 0t 6 BA mgog
tov AT, ottwg ©d and vijg ZH mpég ©6 dmo 7ijg

25 H®, 8¢’ loov doo éotlv dbg 6 J mpog tov AT, ovrwg
©0 awd i E mpog ©0 dmd tig HO. 6 0% A mpog
tov AT Adyov odn e, Ov tetpdymvog coududs medg
tetgayovoy coududv: ovdE 1o and tijg E &go mpdg
©0 amd vijg HO Adyov #qs, Ov terpdymvog doududg

2 ¢neq) m.2F. 8. ti ZHb. 4. 16— 5. ZH](prius) m.
2 B. 5. xal dort $rr] ¢nrn 6é B.  deriv B, 10. 8¢ V.
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quam numerus quadratus ad numerum quadratum; et
ponatur aliqua recta rationalis E, et fiat 4: 4B =
E®:ZH? [prop. VI coroll.]. itaque E?, ZH? commen-
surabilia sunt [prop. VI]. et E rationalis est; quare
etiam ZH rationalis est. et quoniam : 4 B rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne E? quidem ad Z H? rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
E, Z H longitudine incommensurabiles sunt [prop. IX].
iam rursus fiat BA: AI'=Z H?*: H®®[prop. VI coroll.].
itaque ZH*®, H®* commensurabilia sunt [prop. VI].
uerum ZH rationalis est; itaque etiam H@ rationalis
est. et quoniam B.A4: AT rationem non habet, quam
numerus quadratus ad numerum quadratum, ne ZH?
quidem ad H®* rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, H@ lon-
gitudine incommensurabiles sunt [prop. IX]. quare
Z H, HO rationales sunt potentia tantum commensu-
rabiles. ergo Z® ex duobus nominibus est [prop.
XXXVI]. iam dico, eandem tertiam esse. nam quo-
niam est J: AB==FE*:ZH® ¢t BA: Al'=ZH?: H®®
ex aequo [V, 22] erit 4: A= E*: H@® verum 4: 4T
rationem non habet, quam numerus quadratus ad

11. BA] AB'F. t6v] om. B, 14 T'4 F.  16. O H]
in ras, V, HOF. 18. Zotlv] dori wal F. ZH] e corr. m. 2
(ex HZ? V. tfl m.rec. P. OHF. 19 HO] inras. V.

eloww B,  20. égr/ BV, comp. Fb.  22. wg] supra scr.
m 1F. 28.ZH] HZF. BA) ABP, 4B F. 24. 1ov]
om. P, ATI'] corr. ex AB m. 1 F. 25. HO] 26 P, corr.
m. rec, {(euan.).  28. rerpaywvog F, corr. m. 1.

Euclides, edd. Heiherg et Menge. III. 10
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meog TETEEYVOY GQLONGY® Govuuergog doo oty %
E ) HO piner. xal émel éotw wg 6 BA meds tov
AL, ottwg o amd tiig ZH mpog ©o damo tijg HE,
ueifov dpa o dnd tig ZH tov axé g HO. ierm
ovv 16 amd vig ZH lex v& énd vdv HO, K dva-
oreéyavn dpa [éotlv]) dg &6 AB meds vov BI, otrag
70 and tijg ZH mog 76 axd vijg K. 6 8 AB moog
tov B Adyov &yei, Ov tetpdymvog deubuds mpog te-
tpdyavov apidudy xal ©o and vis Z H aga meog 10
ano vijs K Adyov &yeu, 0v tevpdymvog aeuduos mos
teTpayovoy doududy: ovuuctoog &pa [fovlv] § ZH tj
K wixer. 4 ZH &pa vijg HO psifov dvvavowr v6 dnod
ovppitpov favr. xal elow el ZH, HO ¢yral dvva-
per povov evuuergol, xel ovdevépa avrdy Gvupergos
dove tij E pajec.

‘H ZO apa é 0Ovo dvoudrwv fderl tolry' Omep
£dec Ostbar.
‘ ve,

Ebgelv tav éx d¥0 dvopdrov vsrdorny.

Exxslo®acay dvo agubuol of AI'y, I'B, dere Tov
AB mpog tov BI' Adyov uy Syewv pojre unv meds tov
AT, Ov terpdyovog doiBuds mpds TeTedymvoy dgi-
Budv. xal éxnelodw ey 9§ 4, xol vfj 4 eppergog
dotw pixer 1 EZ* ¢y &oa éorl xal ) EZ. xal pe-
yovito og 6 BA doududs meds tov AT, otrag To
and viic EZ ngdg to amo tig ZH' evuuergov &ou

1. forv] m. 2 F, om. B. 8. 7zd] (alt) om. b. 4. tr';’g]
(alt.) om. b, 6. égtlv] om. P.  rov] om. Fb. 11 doriy
om. BFVb, 12. dea] m. 2 V. dvvarar] -va- in ras. P.

18. aovupéreov F, corr. m. rec.; o- supra ser. Fm,. 2. H®

&oa V. 15. dorry B. 7 E éomy F.  16. toitn] corr. ex
¢yt m, rec. by nmj F, mg. ye. telrn m. rec.  dmee fda
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numerum quadratum. itaque ne E* quidem ad H®?
rationem habet, quam numerus quadratus ad numerum
quadratum. quare E, H® longitudine incommensura-
biles sunt [prop. IX]. et quoniam est BA: A=
ZH®:H@*, erit ZH*> H® [V, 14]. sit igitur
ZH?= H® - K. itaque conuertendo [V, 19 coroll.]
AB:BI'==ZH?*: K* uerum 4 B:BI rationem habet,
quam numerus quadratus ad numerum quadratum. quare
etiam ZH?®: K® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, K longi-
tudine commensurabiles -suunt. itaque Z H?® excedit H®*
quadrato rectae sibi commensurabilis. et ZH, H@®
rationales sunt potentia tantum commensurabiles, et
neutra rectae E longitudine commensurabilis est.

Ergo Z® ex duobus nominibus tertia est [def. alt. 3];
quod erat demonstrandum,

LI

Inuenire rectam ex duobus nominibus quartam.
4 - TE Exponantur duo numeri AT, I'B eius
{ modi, ut 4B neque ad BI'neque ad 4T ratio-
4 nem habeat, quam numerus quadratus ad nu-
merum quadratum [prop. XX VIl lemma]. et
= |, ponatur rationalis 4, et rectae 4 longitu-
' dine commensurabilis sit EZ. itaque EZ
B I" rationalis est. et fist BA: A== EZ*: ZH?
-H Tprop. VI coroll]. itaque EZ?, ZH*® com-

mensurabilia sunt [prop. VI]. itaque etiam ZH ra-

r

deifon] comp. P, om. BF Vb, 21, zo» BI'] éndteeoy aviow

Theon (BFVV). BI'] corr. ex A m. 1 P, prze — 22,

AT') om. Theon (BEVD). 24. doriv B. 25. B4} 4"B’ F.

c¢oifuds] om. V. r4 F. 26. ¢vupsroos P, corr. m, 1.
10%
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dotl 10 and vig EZ v amo vijg ZH" ¢nuoy dow éotl
xel ) ZH., xol nel 6 B.A modg tov AT Adyov ovx
éyeu, Ov tevpdyovog aouBuds meog TeTpdywvov doud-
udv, ovd: 10 dmo tijg EZ medg t6 amd tig ZH
Adyov ¥yei, Ov terpdymvog deududg meodg TELEAy@YOY
aguBudy: aedpusctoog doa fotiv 1) EZ tff ZH wijxe.
of EZ, ZH dga ¢nral elor Svvduer povov 6vuustoor’
dore y EH éx dvo dvopdrov éotiv.

Aéyw 87, 6tv xal TeTdgry.

Enel pdp éorw og 6 BA mpog tov AT, ovrag to
and vijg EZ mgog o amd tig ZH [uelfov 0 6 BA
zob AI'], peifov dpa 10 and tijg EZ tov amd 17
ZH. éotw ovv t6 dnd tijg EZ loa t& dnd vev ZH,
@ avacroépavr Gga g 6 AB deduds meds ToV
BT, otrwg o dnd tijg EZ medg ©6 and tijg ©. 6 ¢
AB mpog tov BI' Adyov ovx Eyer, Ov Tevpdpmvog dgud-
uds meog terpdywvoy auiuov’ ovd’ dga to dAmo
tijs EZ mpdg 10 amd tijg @ Adyov &yer, Ov TeTQdywm-
vog Guduog meds TeTpdywvov doududv. devuustgog
doa éotlv v EZ i} @ pixe® % EZ &ge tijg HZ
petfov Ovvarar T awo covppirgov favry. xal &low
«f EZ, ZH §nral dvvoper udvov ovuusrgor, xel 1
EZ tfj 4 cvppetgog fove pajxe.

‘H EH &ga é 0vVo dvoudray o7l vevdory® Omse
e Oeita.

1. Post Z H add. (ﬂl‘m L H .(seq. ras. 1 litt. F) 4 EZ b m.
2 F. $men &oa] 7 EZ or)rn doa V m. 2, §nrr 361:.7 doa b.

{ov{] om. b, &ezév PB. 2. xal] (pnus) om. BFb, B4]
AB P.  odx] postea add. m, 1 F 6. 7] tigb. 1. elow B,
8. 4ot/ BV, comp. Fb. supra scr. m. 1 P, xai)
m. 2 F. 10. B 4] corr. ex AB zov] om. Bb, corr. ex

¢ m. ree. P. 11, pelfov — 12. AI“] mg. m. 1 in ras. P.
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tionalis est. et quoniam B A : 4T rationem non
habet, quam numerus quadratus ad numerum quadra-
tum, ne EZ? quidem ad ZH?® rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,Z H longitudine incommensurabiles sunt [prop.IX].
itaque EZ, Z H rationales sunt potentia tantum com-
mensurabiles. quare EH ex duobus nominibus est
[prop. XXXVI].

Tam dico, eandem quartam esse. nam (uoniam est
BA:A'=EZ%:ZH®, erit EZ*> ZH® [V, 14]. sit
igitor EZ?=ZH*+ @’ itaque conuertendo [V, 19
coroll] AB:BI'= EZ%:@. uerum A4 B:BTI rationem
non habet, quam numerus quadratus ad numerum gua-
dratum. itaque ne EZ® quidem ad ®* rationem habets
quam numerus quadratus ad numerum quadratum.
quare EZ, @ longitudine incommensurabiles sunt [prop.
IX). EZ?® igitur excedit ZH® quadrato rectae sibi in-
commensurabilis. et EZ, Z H rationales sunt potentia
tantum commensurabiles, et EZ, 4 longitudine com-
mensurabiles sunt.

Ergo EH ex duobus nominibus est quarta [def.
alt. 4]; quod erat demonstrandum.

11. BA] 4 e corr. V, 12. z7¢] (prius) om. P, 138, 6]
w6 F. 16 0] om. BFb.  18. 8] 64 b.  20. {oziv] om.
Fb. dex] om. F. tijs] corr. ex i} V. HZ] corr. ex
ZHV,EHPF. 21. ovupérgov b, corr. m. rec., et F, corr.
m. 2. favry prxee F. 24, Omep ider Jugat] comp. P,
om. BFVb.
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i

Eveelv tyv éx 8v0 dvopdrov néuntqy.™

"Exxciodwoay dvo apudpol of Ay I'B, dere tov
AB mpog éxdregov avrov Adyov um Eyew, Ov tetoa-
yavog apiduds wpdg terpdymvov apududy, xal Sxxel-
68w gnri g edBsla v A, nal Tij 4 cVppcrgog fotw
[ugxe] % EZ* $nryy dpa §) EZ. xel peyovéito og c")
I' 4 mgog tov A B, oUtwg 70 éxd tijg EZ medg 6 dmo
tijg ZH. & 8t I'4 mpog ©ov AB Adyov odx &ys, ov
TeTQdymvog GeLdNde mEdg TEvQdymYOY dQuiucv: 0vOE
10 ano tijg EZ dga medg 10 amd i ZH Adyov Eyst,
0v teTgay@vog deidudg mwpdg TeTedymvoy doududy. af
EZ, ZH aga $qral &loe dvvdper pdvov evuuctgor’
éx 0vo dpa bvoudrov éerlv 7§ EH.

Aéyw 84), 610 el méumry.

’Ensl yde iotw ag 6 I'd mgog tov AB, odreg
to axd tiig¢ EZ mpdg vo dnd vig ZH, avdmalv og 6
BA mpdg tov AT, ovrwg ©d and tfg ZH medg o
axd tvijg ZE' usifov dpa 10 amd g HZ vov amd
tiig ZE. #otw ovv tg dnd vijg HZ ioa te amd taév
EZ, 6 avactoépavr dpo fotly og 6 AB doiduds
gog wov BI', otrwg 7o amd tij¢ HZ meog to awd
i @. 6 0% AB mgdg vov BI' idyov ovx e, Ov

8. tév] corr. ex 6 V. 7. wixat] om. P. EZ] ZH -
Theon 68 Vb), HZ m, rec. P. nen dex 7 EZ] ¢ney dea
% ZH V, mg. ¢nen v dee HZ m. 2. EZ] ZH Theon (BFb),
HZ P m.rec. 8. EZ] Z post ras. 1 litt. V, ZHF, HZ Bb,
P m. rec. 9. ZH] ZE Theon (BFVDb), m. rec. P, Deinde
add. evppetpoy &ou dotl 16 dnd tij¢ HZ i dno tijg ZE* §noy
&ox fotl xal %) ZE. xal imel Theon (BFVD), P m. rec. (ZH
pro HZ). &) om. Theon (BFVb). zdv] om., BFb, 11,
zijg] (prius) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P.

&oas om. B. meog 70 ¢nd] m. 2 B. ZH] P, ZE BF Vb,
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LIL

Inuenire rectam ex duobus nominibus quintam.
Exponantur duo numeri AI', I'B eius modi, ut 4B
ad neutrum rationem habeat, quam numerus quadratus
ad numerum quadratum [prop. XXVIII lemma], et
ponatur recta aliqua rationalis 4, et

74 rectae 4 commensurabilis sit EZ. itaque
l r |4 | EZ rationalis est. et fiat

| z r4:4B=EZ*: ZH*

‘ [prop. VI coroll.). I'4 autem ad 4B ra-
-B tionem non habet, quam pumerus qua-

IO g dratus ad numerum quadratum. itaque

ne EZ® quidem ad ZH? rationem habet,

quam numerus quadratus ad numerum quadratum.

quare EZ, ZH rationales sunt potentia tantum com-

mensurabiles [prop. IX]. ergo EH ex duobus no-
minibus est [prop. XXXVI].

iam dico, eandem quintam esse. nam quoniam est

I’'4d: AB=EZ%:ZH®, e contrario [V, 7 coroll] est

BA:A = ZH*:ZE? itaque HZ*> ZE® [V, 14].

sit igitur HZ® = EZ? 4 @, itaque conuertendo [V,

m, rec, P. 12, zergdywvog F, corr. m. 1. coidpoy] m.
2 V. Deinde add. dovppergos doxx fotly ) HZ zjj ZE (zfj ZE
om, V) wixes b, mg. m. 1 F, m. 2 V. 18, elauy PB. = 14.
dea] om. P. EH] Hecorr.m. 1 b 15 xel{] m 2 F.

17. EZ] P; HZ BVb, P m. rec.; ZH F. ZH) P, ZE
BFVb, P m.rec. Ante o5 add. dea m. rec. P.  18. ovrag]
om. BVb, ZH] P, EZ BFVDb, P m. rec. 19. ZE] P,
ZH BFVb, P m, rec. Dein add. 6 8t BA voé AT psifor
(corr. ex peitoy) dorl V; peitov (ueifwy m. rec. b) 82 6 (6 m.
rec. b) BA tod AT b, in ras. F.  peifoy &oa] sustulit rep.
in F.  dexdoe/ V. 1]} m 2F. HZ]P, EZ BFVb,
P m, rec.; item lin. 20, 22. 20. zijg) om. P.  ZE] P, ZH
BFVb, P m. rec. 7¢] supra scr. m. 1 b, postea add. m. 1 V,
corr.ex 76 Fm.1. 21 EZ) P, HZ BFb, m. rec. P, in ras. V.
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Terpdywvog aoududg meos tergdymvoyv Geududy: ovd
Zoa ©0 amd tiig ZH meodg t0 amd thig @ Adyov Fya,
0v terpdymvog apidudg medg TETEEyMYOV deuiuov.
aovpucrgog dea fotlv 9 ZH tf) @ pixer dors 1
ZH tijg ZE pstlov dvvarar 16 4nd aovuuctoov fav-
vfj. xal elow af HZ, ZE ¢nral dvvaus pdvov avu-
uergor, xal vd0 EZ Elerrov Svope evuusteov éoti T
éxxepdvny $nrg v A wxee.

‘H EH é&po éx d¥0 Svoudrav dotl méumwrn' Omeo
&8s deikar.

vy,

Edgely iy éx 0vo dvopdrov Extyw.

Exxsic®acay 0vo agiduol of AT, I'B, dote tov
AB mpdg éxdregov avtov Adyov uy Egaw, Ov teved-
yovog aeuiuds meds teTgdyavoyv ceuiuov' Eotm O
xel fregog douducs 6 4 uy terpdywvos dv undt meog
éxdregov 1@y BA, AT Adyov &yov, Ov tsrpdymvog
dgududg medg TeTgdywvoy doLdudy” xal dxslefo tig
oy evdele ) E, xal ysyovéro og 6 A meds tov
AB, ottwg o axd tig E meos 6 dmd tiig ZH: evu-
peTov dge o amo vig E 6 and vig ZH. nal {ore
onty 4 E° yry &pa xal m ZH. xal émel ovx iye

1. tetpdyovoy] corr. ex teredymvos m. 1 b. 2. ZH] P,

EZ BFVbh, P m. rec.; item lin. 4, 5. 0] ras, 1 litt. V.
4, éotlv] om. BVD, 6. tijg] corr. ex zi} Vb. ZE1 P,
ZH BFVDh, P m. rec. gvppéreov F, corr. m. 2. 6. elav V,
comp. Fb. af]l m. rec. P. of HZ, ZE] om. FVb; ol EZ,
ZH supra scr. m. 2B. 7. EZ] P, ZH BFVDb, HZ m.rec. P.
9. omeo #8er deitawe] comp. P, om. BFVb. 13. 4I'] 4,
seq. ras. 1 litt, F.  dv] corr. ex zé¢ m. 2 B. 16, psqce P.
17. B4] eupra ser. I’ m. 1 b, AB F et V, sed corr.  #xeww
V,sed corr.  18. xaf] m. 2 F.  20. ofrog el V.  ovp-
peteog Theon (BF VD), P m, rec. 21. doa locly FV. 16—
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19 coroll) 4B:BI'= HZ*:®. verum AB:BI ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne ZH® quidem ad &*
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, @ longitudine incommensura-
biles sunt [prop. IX). quare Z H® excedit ZE?* quadrato
rectae sibi incommensurabilis, et HZ, ZE rationales
sunt potentia tantum commensurabiles, et minus nomen
EZ rectae rationali propositae 4 longitudine commen-
surabilis est.

Ergo EH ex duobus nominibus est quinta [def.
alt. 5]; quod erat demonstrandum.

LIIL.

Inuenire rectam ex duobus nominibus sextam.

Exponantur duo numeri AI', I'B eius modi, ut
AB ad neutrum rationem habeat, quam numerus qua-
dratus ad numerum gquadratum, sit autem etiam alius
numerus 4 non quadratus neque ad alterutrum B4,
AT rationem habens, quam numerus quadratus ad
+4 ¢ < numerum quadratum [prop. XXVIIl lemma];
4 |g et ponatur recta rationalis E, et fiat
L 4d:4B = E®: ZH*®
l 72~ [prop. VI coroll]. itaque E?, ZH?® commen-
lp surabilia sunt [prop. VI]. et E rationalis est;
1,, |K itaque etiam Z H rationalis est. et quoniam
A : AB rationem non habet, quam numerus
quadratus ad numerum quadratum, ne E?
-6 quidem ad Z H? rationem habet, quam nu-

ZH) % E tj (zp ané w7 P) ZH dvvdpes Theon (BFVDH), P
m. rec, ?ﬂﬂ‘l’ B. 22 ixe/lm. 2B, om F
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6 4 mog tov AB Adyov, Ov tTergdymvog agududs q
7pdg Teredywvov agududy, oot o amd i E dpa
npds 70 amo vijg ZH Acyov &g, Ov terpdywvog dgu-
Buog meog TeTEdywVOV GLOUOY" dEvuueETQog doe 7
E tf) ZH wijnes. ysyovére 01 méiw og 6 B.A modg
tov AT, otrwg 7o dno tig ZH meds o and vijg HE.
ovppergov dpo to dmd vijg ZH ve dmd tig OH. §y- ¢
tov doa to dmd tig OH' yray doa %) OH. xal émel

0 BA modg vov AL Adyov ovx Eys, Ov verpdywvog
apududg medg TeTEdywvoy deLdudy, 0v0t TO Amd Tig
ZH mdg 10 amd m';g H® idyov Eye, Ov tstgdyawog
aotﬂyog 7908 rstgaymvov agududy: ao‘vyy,srpog aga
éotlv § ZH m] H6 y.'r]xac of ZH, HO apu énm{
sloL Svvdpss povov evupstgor’ éx Ovo &pa Svoudrov
dotlv 7, Z6.

deixzéov 01, Ome xal Exty),

'Enel pog oty g 0 4 medg tov AB, ovrwg To
awd tig E meds 10 awd vijg ZH, &ore 6% xel g 6
BA mgog tov AT, otrwg ©6 dmd tfjg ZH meodg o
and tig H®, 8. loov dpa dorlv dbg & 4 modg tov AT, ~
ottwg 70 amd tijg E meds ©6 amd tijg HO. 6 8 4
1o ©ov AT Alyov otx Eyet, 0v reTpdymvog doiduog
n@dg TeT@aymvoy aguBudy: 000t ©o amd tiig E dox
mgog 10 amd tijg HO Adyov &y, Ov rerpdymvog ¢oud-
uods wedg TeTpdymvoy agududy: devuusrgog dow fotly 1
E ] HO pijxs.. €dely®n 8% xal vj ZH dovpucrgos:
éxazépe doa tdv ZH, H® davppcrds doti vfj E pijxzr.
xal émel dotv @g 6 BA medg tov AT, ovrwg 1o amd
tiig ZH zpég 70 and zijg HO, peltov &ga ©d amd T

.adt:iupthov F, sed corr. ©H] in ras. V, HO Fb
Deinde add. nrév 8% 76 dné t7ig Z H Theon (BFVb) 8. dou
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merus quadratus ad numerum quadratum. itaque E,ZH
longitudine incommensurabiles sunt [prop. IX]. iam
rursus fiat BA: A = ZH*: HO® [prop. VI coroll.].
itaque ZH?, ®H® commensurabilia sunt [prop. VI].
itaque ® H? rationale est; quare @ H est rationalis. et
quoniam B.4: AT rationem non habet, quam numerus
quadratus ad numerum quadratum, ne ZH? quidem
ad H6? rationem habet, quam numerus quadratus ad
pumerum quadratum. itaque Z H, H® longitudine in-
commensurabiles sunt [prop. IX]. quare ZH, H® ra-
tionales sunt potentia tantum commensurabiles. itaque
Z® ex duobus nominibus est.

iam demonstrandum, eandem sextam esse. nam
quoniam est 4: AB=E%*.ZH% et BA:A'=ZH*: H®?,
ex aequo erit [V,22] 4: 4= E*: H®®. werum 4: 4T
rationem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne E? quidem ad H@*?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque E, H® longitudine incommensu-
rabiles sunt [prop. IX]. demonstrauimus autem, etiam
E, ZH incommensurabiles esse. itaque utraque ZH,
H® rectae E longitudine incommensurabilis est. et
quoniam est BA: AI'=ZH*: H®?, erit ZH?> HO?
[V, 14], iam sit ZH®= H®! -} K* quare conuertendo
[V,19 coroll.) erit 4B: BI'= Z H®: K®. uerum 4B:BI"
xai Theon (BFVb). {§nrqg — ®H]mg. V. HO P. 9,
BA] AB° F. 10, 093¢) ovd’ &ex FVb, ovx &ex B. 4]
ta F. 14, eloev B. 18, fouv B. 19. BA] 4B P. 21,
6é)m. 2 F.  23. 0v0¢) 0vd’ dea Theon (BF V) &"ong
om. Theon (BF Vb). 26. HZ F. 27. fxazéoa — E] 9
&oa Exatéoa tov ZH, HO louv wovppetgos V.  doa] supra

scr. F. 28, ovrog] om. b, m. 2 B, 29. Post HO add.
pelfwy 3t 0 AB 100 A V.  peifov] bis F.
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ZH vov dnd tijg HO. forw ovv té dnd [vig] ZH
loa re axd tov HO, K avaoteepavr &oo og 6 AB
npdg BI', otrmg ©6 dnd ZH meog 76 amod tijg K. 6
0¢ AB meog tov BI" Adyov ovx &yet, Ov tereaywvog
apdudg medg terpdywvov deududv: @ote ovdE To
ano ZH medg o and vijc K Adyov &y, ov terpayam-

vog doiduds meog TeTEdywvov apududv. acvuustgog ¢

&oa éovlv m ZH 15j K uijxerr % ZH é&ga tiig HO
petfov dvvater TH amd dovuuéroov fovry. xofl elowy
of ZH, HO ¢nral dvvdper pdvov evpucrgor, xal ov-
detépn avrdy ovpuergds ot unxes i) Exnspévy
oneii i E.

‘H ZO oo éx 6vo dvoudtov éotlv &xvy' Oneg
e deiton.

Aijppe.

"Eota 0vo terodyave ta AB, BI xal xelofwoey
wote én’ evdelag evar vy AB tff BE' X ebBslug
dpa otl xal ff ZB tf; BH. xal cvumeminooodo o
AT megeiinioygapypov: Aéyw, Ote TeTEdyovdy Zote
70 AT, nal 81 rov AB, BI' uéeov dvaloydv dort 1o
A H, xol éve vi5v AT, I'B péeov dvaloyov ot 10 AT

'Enel pog loq éotlv f putv 4B vjj BZ, 7 0t BE
tj BH, 81y dpa 7§ AE 0dy ©fj ZH éorv ion. &Ad
7 udv AE éxarépe tv 40, KT éotw lon, 5 6t ZH

«

éxavépe taov AK, O éorwv ion' xal éxaréipn oo~
tév A0, KT énarépq tov AK, OI fomw loy. lod-

whevgov dga fotl o AT magalinioyoappov: fot. 6}
xel bpdoywviov: teTpdywvov doa fotl to AT
1.ZH) 28 b.  7i¢] om. P, z7ig] om. Pb. 8. zov

Br'V. g ZHFV. "4 =mog tov BI') mg. m. 1 P. .
s ZH FV. 7. dovpperea P, corr. m. 1. 9. ovp-
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rationem non habet, quam numerus quadratus ad nu-
merum quadratum. quare ne ZH? quidem ad K?
rationem habet, quam numerus quadratus ad numerum
quadratum. itaque ZH, K longitudine incommensura-
biles sunt [prop. IX]. itaque ZH?* excedit H®* qua-
drato rectae sibi incommensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
peutra earum rationali propositae E longitudine com-
mensurabilis est.

Ergo Z6 recta ex duobus nominibus est sexta [def.
alt. 6]; quod erat demonstrandum.

Lemma.

Sint duo quadrata 4B, BI” et ita ponantur, ut 4B,
BE in eadem recta sint. itaque etiam ZB, BH in

x—_H p eadem sunt recta. et expleatur paral-
| —I lelogrammum AI. dico, AI" quadratum
47 {B"® esse, et 4H medium esse proportionale
‘____\ ¢ inter 4B, B, et practerea AT medium

4 z esse proportionale inter 4I'y I'B.
nam quoniam 4B=BZ, BE=BH, erit JE=HZ,
verim JE=A@=KI', ZH=A4K=01TI (I, 34).
quare etiam
A@=KI'=AK=@61I.

péteov F, corr. m. 2. favri] pnxs F. 11, adraov] oy

ZH, H® Theon (BFVb). ouy P, éyusme’vg F. = 12

E]EHb, Hadd. m. 2 F. 13. 5]l om. b. &wee £ 85;‘&41‘:7]

comp. P, om. BFVbD, 18. Zotiv B. 19. 8m w6 AT V.
fouv P,  20. 70 AT] om. V.  6u) &u BF, supra scr.

6 m. 2. 21, domv P, 22. ZB B. 24. Post loy del.

all’ 7 ptv JE fxotéee m. 1 P. HZ BFV. 25, I6 V.
dox] om. b,  26. AOA 4 postea add. V.  27. doviv P.
fouv PB. 28, loziv P.
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Kal énel éotwv dg ) ZB mpdg tyv BH, otrawg 14
4B mgog v BE, ¢l &3 utv 5 ZB meog tiv BH,
otrws 10 AB mgog 10 AH, wg 0% v 4B meog v
BE, ottwg ©0 JH mpog ©o6 BI, xal g &pa o AB
n90g 10 AH, ovrwmg 10 AH mpdg to BI. rav AB,
BT &ga péoov avdioyov é6ri to AH.

Aéyw 07, v xal tov AT, I'B péoov avadoyov
[éorc] ro 4T

‘Enel pip foviv wg | A4 mpog iy AK, ovraeg
7 KH mgog tv HI™ lon ydp [dotwv] éxarépa éxaté-
og° xal ovvdévr g § AK medg K4, otrwg 7 KI'
npog I'H, ¢l &g pdv 7 AK mgog KA, obramg
70 AT mpdg ©6 I'd, @g 6t § KI mgog I'H, ovrawg
10 AT mpds I'B, xal g dea 16 AL mpdg AT, o0-
twg 10 AT mgog ©6 BI. tdv A, I'B dpe uéoov
dvadoydv deti ©d AI™ & mgoéxsivo dsifau.

: vd'.

'Edv ymplov megiéynrar vmd ¢nrijs xal tijg
éx 0vo dvopdrev mparng, 1 16 ywelov dvva-
ys’vq oAoydg éotwv 7 xalovuévy éx d6vo dvo-
pdTov.

Xmng yag 70 AT nsg&sxed#w o gm:ng g
AB xal tijg éx 8vo Svopdrov mewrng Tis A4 Adym,
6te 7 10 AT ywelov Svvaudvy &ioyds éotw 1 xalov-
uévy éx dvo dvopdrov.

8.7y BE — 5. BI'] postea ins. m.1F, 4. oVtw B. ¢’]
m.2F. o BI'] corr. ex tyv BI' m. 2 B. 5. odrw B, 6,
dea] om, b. 8, 4o1:] om. ’1’ 10. jv] om. BFb. dory
om. P.  ixaréee) om. P. 11 wiw K4 V. 12. wjy TH
iy K4 V. 18, v TH V. 14. ©o T'B V, seq. ras.
11t AT) 26 Ta V. 15 4T} T4 V. < 8T BD
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itaque parallelogrammum 4 I" aequilaterum est; est
autem idem rectangulum. ergo AI" quadratum est.

et quoniam est ZB: BH==4B: BE, et ZB: BH=
AB: 4H, AB: BE= A4H:BI' [VI, 1], erit etiam
AB: dH = 4H: BI. ergo 4H medium est pro-
portionale inter 4B, BI.

Iam dico, 4I" etiam medium proportionale esse
inter AT, I'B.

nam quoniam est AJ:AJK = KH: HI (nam
utraque utrique aequalis est), et componendo [V, 18]
AK:K == KI':T'H, est autem AK: Kd=AI':T"4,
KI':T'He=AI':I'B, erit etiam AI': A== A4I":BT.
ergo 4I' medium est proportionale inter 4I', I'B;
quae propositum erat demonstrare.

LIV.

Si spatium recta rationali et recta ex duobus no-
minibus prima comprehenditur, recta spatio aequalis

A HE Z quadrata irrationalis est ex duo-
| bus nominibus, quae uocatur.

B x——T Spatium enim AI" recta ra-

P tionali 4B et recta ex duobus

| —'—lﬂ nominibus prima 44 compre-

M N— & hendatur. dico, rectam spatio

AT aequalem quadratam ir-
rationalem esse ex duobus no-
z minibus, quae uocatur.

B, I'B Fb. 16. &] 6mwep Theon (BF VD). Post deifar
add. 0> :=P. 18 zfis] m. 2 B.  22. yweloy — 25. évo-
petoy] mg. m. 1 F.  22.°4AT'} ABI'd Theon (BFVDL). 28,
AB] A4 F.



10

15

20

25

160 £TOIXEIQN /.

"Enel yeg éx 0vo dvopdtaw dotl medry ) A.d, duy-
erodw &g T dvdpere xatd to E, xal Eorw to ueifov
dvoux 10 AE. qavegov 01, 6n ol AE, Ed $nral
elor dvvdper ulvov ovupergor, xal 1 AE tijg EA
pstfov dvvarew T dmd ovppirgov fovry, xal 7 AE
ovuuerds ot tij dxxsipévy énrh v AB piuer.  ve
Twiodw 0y ) Ed4 8iye xare vo Z onuciov. xal émel
9 AE g EA peitfov dvvaraw 16 amo oGvupiroov
fovts], dov &pa 1 TerdeTe wlper Tov amo tig fAdc-
6ovog, Tovréor. 16 and tiig EZ, lsov maga Tty peifova
i AE moagafindf éidelmov elder tergaywve, &g
ovuustoe adriy Owugel. magafeflijofm ovv mapa
v AE v dno tiig EZ loov v6 vmd AH, HE' ovu-
pergog dea éovly 9 AH v EH wijner. xal fydwcay
ano tov H, E, Z émotépe vév AB, I' 4 mapaiiniow
of HO, EK, Z 4" xal 1 ptv 40O magaiinlopedppem
leov tetpdymvov dvvedtato to EN, © 02 HK loov
10 NII, xal xelodo dove én svdelag slvar vy MN
i N5 én e0delug dpa dotl ol ) PN 7ij NO. xal
ovumeningwodeo 10 X II magaAinAdypaupov' TETQd-
yovoy dea fotl ©0 ZII. xal émel ©6 Umd vdv AH,
HE icov fotl © and g EZ, foniv Gga og § AH
ngog EZ, otrwg ) ZE mpdg EH" xal dg dpa 10 AG
ngds EA, 16 EA noog KH' tiv A6, HK épa uésov
avdloyov ot ©0 EA. clda 1o piv A® loov forl

2. E] e corr. m. rec. P. 8. &7] corr. ex 84 B. 4.
elowwv P, ~ dovppereor F, sed corr. 5. advupéreov b, sed
corr.; in F supra add. ¢- m. 2. xef/] om. F. EA4F.

01] 84 V. 8. dovppérgov b, sed corr. 9. rerderm] J” b.

t09] tae B.  tiig] e corr. V. 12. evppesgov P, duéin
Vb, diélne corr. in dusdei F, dieded B. Dein add. pgxee V. 18,
vmo tov FV. HE] H® P, 14. AH] Hecorr. m. 1 V,
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nam quoniam .44 ex duobus nominibus prima est,
in E in nomina diuidatur, et maius nomen sit 4E.
manifestum igitur, 4E, E4 rationales esse potentia
tantum commensurabiles, et 4 E? excedere E4* qua-
drato rectae sibi commensurabilis, et 4E rationali
propositae 4 B longitudine commensurabilem esse [def.
alt. 1). iam E4 in Z puncto in duas partes aequales
secetur. et quoniam A E* excedit E4* quadrato rectae
sibi commensurabilis, si quartae parti quadrati minoris,
hoc est quadrato EZ? aequale maiori 4E adplicatur
parallelogrammum figura quadrata deficiens, eam in
partes commensurabiles dinidit [prop. XVII]. adplicetur
igitur rectae 4E quadrato EZ? aequale 4H >< HE.
itaque 4 H, EH longitudine commensurabiles sunt. et
ab H, E, Z alterutri 4B, I'd parallelae ducantur
H@®, EK, Z A. et parallelogrammo 4® aequale qua-
dratam XN construatur, et NIT = HK [II, 14], et
ita ponantur, ut MN, N5 in eadem recta sint; quare
etiam PN, NO in eadem sunt recta. et parallelo-
grammum XIT expleatur; itaque ZII quadratum est
[a. lemma). et quoniam est 4H >< HE = EZ3 erit
AH:EZ = ZE: EH [V], 17]. quare etiam

A0 :EA=EA:KH [V], 1].

EH]) HE in ras. V. 15. Hl m. 2 F. AB] 4 eras. F.

I'd]in ras. V, B4 F, 4T’ B. 18. EK] E postea ina. m.
1F.  Z4] mut. in AZ V, AZ BFb. magallniéyeappor P,
corr. m, 1.~ 17, ZN] X corr. ex E BFb.  18. xeloBmoay V.

MN] corr.ex N m. 1 F. 19, dee&y B. NP P.  20.
ZII] corr. ex EII B, item lin. 21.  21. t6] t¢ V. AHE b,
et corr. in AH, EHm 2V, 4H F, et B, corr. m. 2. 22,
o) 6 V. 28. mpog iy V. Z2E] EZP. EH)] upy H,
ante H ras. 1 litt. V. 24. meoc ©d, seq. ras. 1 litt,, V. E 4]
Eeras. V. <0 KH V. &ox] postea add. m. 1 P

Euclides, edd. Heiberg ot Menge. IIL 11
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766 ZN, v0 0% HK loov v NII' tév EN, NII dgu
uéoov dvdlopdy doti to EA. éove 0 tdv avrdv Ty
ZN, NII uyééov avahoyov xai to6 MP: ieov doa éoti
70 EA vg MP: Gore xel g OF igov éoviv. éore O}
xal @« A0, HK voig TN, NII loa' 6Aov doa ©6 A"
leov éotiv oo 1 XTI, vovréors t6 and tijg M5 te-
roayove 10 AT doa dvvarar 5 ME.

Aéyo, 6 § ME éx dvo dvopdrwv éeriv.

'Engl yag oVpuctoos éotw ) AH v HE, 6vuuc-
1p0g Zote nel ) AE éxovépe vév AH, HE. vmoxe-
rar 0% xal ) AE tij AB evpusrpog’ xal af AH, HE
doa tf; AB avpuergol elow. xal ot gnry n AB-

»

¢nry tpa fotl xal éxatépe rov AH, HE' ¢nrov doa °

éoriv éxaregov tov 40, HK, xai éote c¥ppergov 1o
A® ¢ HK. didle 10 ptv 40 to EN loov fotlv,
76 08 HK ¢ NII' xal ve¢ ZN, NII &pa, tovréon
ta dnd tov MN, NJE, $qra éove xal edppcroe. xal
énel aovpuerpdg fotww 1 AE ) Ed wixer, ¢AX %
utv AE tjj AH éore ovupergog, 7 08 AE vjj EZ
ovpuergog, dovpuergog doa xel § AH v EZ* dete
xal 10 A@ 1 EA dovupergov dotwv. arla 10 piv
A® ¢ ZN forw loov, ©o 6 EA 16 MP' xal 1o
ZN doa 166 MP aovupergov éotwv. aid og 1o EN

1. ZN] (bis) corr. ex EN B, item lin, 3, 5. 2. EA]

corr. ex A m. 1 F. fouv PB. 8. foriv P. 4. 1d] corr.

ex g m. 1 P. MP 16 EA Theon (BFVD). @ors xal 18]
uU,a t0 piv MP 1o 0.:. (corr. ex O V) isov éozl (foriv B)
70 8 EA (E4 F) té ZT', 8lov &eu 6 ET toig MP Theon
(BFVb).  zé] corr. ex o m. 1 P.  4oviv] postea ins. m.
1F. &6 EN,IINF. 6. tovtéory P, 9, AN F, corr.
m. 1. HE]corr. ex EHm. 2V, E"H'F. 10. E4 Enaré-
eav F. 11 cvyyugog— 12. 4B] (pnus) mg.m.1F. 11 xal]
pijxee xelV, Bm o) EF,inras.B. EHP. 12 &lo
V, comp. Fb. £umaB 13. d6iv PB.  14. dotiv]) dotl nal V.
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itaque E.4 medium est proportionale inter ZN, NII.
uerum etiam MP inter eadem XN, NII medium est
proportionale [u.lemma). quare EA=MZP. itaque etiam
EA=05E[],43)]. verum etiam 404+ HK=3N- NIL
quare totum?!) A= ZI1= MJZE* ergo MJ5 quadrata
spatio 4I" aequalis est.

dico, M5 ex duobus nominibus esse. nam quoniam
A H rectae HE commensurabilis est, 4 E utrigue rectae
AH, HE commensurabilis est [prop. XV]. supposui-
mus autem, etiam 4E, 4B commensurabiles esse.
quare etiam AH, HE rectae 4B commensurabiles
sunt [prop. XII]. et 4B rationalis est. itaque etiam
utraque 4 H, HE rationalis est. quare etiam 4@,
HK rationalia sunt [prop. XIX), et 46, HK commen-
surabilia. verum 4@ = XN, HK = NII. itaque etiam
ZN, NII, hoc est MN?, NJ5% rationalia sunt et
commensurabilia. et quoniam A E, E 4 longitudine in-
commensurabiles sunt, et 4 E, 4H commensurabiles,
et 4E, EZ commensurabiles, 4H et EZ incom-
mensurabiles sunt [prop. XIII). quare etiam 4@ et
E A incommensurabilia sunt [VI, 1; prop. XI]. uerum
A® = IN, EAd = MP. quare etiam XN, MP in-
commensurabilia sunt. est autem ZN: MP=ON:NP
[VI, 1). itaque ON, NP incommensurabiles sunt

1) Nam EA=2T.

16. X N] corr. ex EN B, item lin. 16. 15, éotiv loov V.
éovi PBb, comp. F. 16. ta] t6 F. NII &¢a] t0 NII F.
17. dovupsree B. 18. aildé Bb, 19. AH] comr. ex
ABYV. EZ] EZ éout V.  20. nal] doriw V. = Post EZ
add. pixer Vb, m. 2 B. 21 dorev] om, BFb. 22. ZN]
NZ'F.
11*
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mpdg MP, ) ON mpég viv NP* aevupcrgog doo éotly _
% ON tfj NP. lon 8t % utv ON 7 MN, 5 6t NP
vij N&° dodppetgog &oe fotly 77 MN zfj NE. xal
éotu ©0 dmd tiig MN evpustgov td and vijg N, xal

5 onrov éxaregov: of MN, NE dga §nral elov dvvdus
ROVOY CUUUETQOL.

‘H ME dga éx 0vo Svoudrtev Zotl xal dvvarar »
10 A" Omep £0er Oetfo.
ve'.

10 Eav yoplov megiéynrar vmod ¢ntijs xal tijg
éx 0vo bvopdrev dsvrépag, 3 TO ywelov dv-
vapévn &doydg 6ty 1) xadovufvy éx Vo ué-
cov TEWTY.

ITegueyéodm yagp yoplov ©é6 ABIA vmd fqrijg

16 Tijg AB xal tig éx 8¥o dvoudrov dsvtépag vig A4
Afym, Ove 7 10 AT ywelov Svvepdvy éx dvo péomv
ety €0Tiv.

‘Engl yag éx 8vo dvopdrov dsvrépa dotly 1) A d,
dingriode &ls te Svopara xata vo E, dere to psifov

20 Cvopa elvar ©o AE* af AE, EA &pa fyrai elow Ov-
vause uévov evupsrgol, xal § AE tijg Ed uelfov 0v-
varer T ¢wod ovupdteov faevrij, xal vd EAarrov Svoua
7 Ed ovpperpdv dote ti] AB pijxsi. tepncbe n EA
diye xata 16 Z, xal te dno tvig EZ ldov mege tnv

26 AE megafspiiofdo fldsinov &lds vergpaymve to tmd
tév AHE: oVpucrgog Goa 7 AH v HE pijxe. xel

1.26 MPV. ovrag 7 V. tijv] om. BFb. MPF.
douv &oa F. 2. PNP. NMP. 4 rijg] (prius) om. Fb,
m 2B. NZF] MEF. b elav B. 6. povovoy P. 1. éx]

7 éx Pb. 12 Zx] 5 éx b,  14. Post yag del. w6 B. 18,
yao] om. Fb, m. 2 B, 20. AE] (alt) E4 P, corr. in 4
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[prop. XI]. uerum ON = MN, NP = NJ. quare
MN, NZ incommensurabiles sunt. et MN?, N5®
commensurabilia sunt, et utrumque rationale. MN,
N5 igitur rationales sunt potentia tantum commen-
surabiles.

Ergo M ex duobus nominibus est [prop. XXX VI],
et ME® = A4TI'; quod erat demonstrandum.

LV.

Si spatium recta rationali et recta ex duobus no-
minibus secunda comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duobus mediis prima, quae
nocatur.

Spatium enim A BI'A4 rationali 4B et recta ex
duobus nominibus secunda 44 comprehendatur. dico,
rectam spatio 4I' aequalem quadratam ex duobus
mediis primam esse.

nam quoniam 4.4 ex duobus nominibus secunda
est, in E in nomina diuidatur ita, ut 4 E maius nomen
sit. itaque 4E, EA rationales sunt potentia tantum
commensurabiles, et 4 E? excedit E4* quadrato rectae
sibi commensurabilis, et minus nomen E 4 rectae 4B
longitudine commensurabile est [def. alt. 2]. iam E4
in Z in duas partes aequales secetur, et quadrato EZ*
aequale rectae 4 E adplicetur 4 H>< HE figura qua-
drata deficiens. itaque 4 H, HE longitudine commen-
surabiles sunt [prop. XVII]. et per H, E, Z rectis
AB, I'4 parallelae ducantur H®, EK, Z 4, et paral-

m, rec. efomy PB. 21 rijg EJ] mg.m. 1 P. 22, flxcooy
P, comp. F. 23. AB] A ins. m. 1 F. 24. 3] corr. ex
om 1F. 2. 1w}z V. 26 4H, HE V e corr.
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0 v H, E, Z napadiniot 7jydwoey taiy AB, I'd
of HB®, EK, Z A, xal t¢ plv A0 nopaliyloyocuue
loov tetpdymvoy cwvestdto 16 EN, 15 02 HK loov
retpdyovov 0 NII, xal xelofw dors én’ s0dslag slvae
v MN tfj NE' én evdelag Goa [doti] xal % PN
tj NO. xal ocvumewinooodm 6 ZII tergpaymvov:
poavegov 0y éx tov mpodedeiypdvov, St 6 MP péoov
dvadoydv fove tov EN, NII, xal l6ov 1 EA, xal
0te 0 AT yogiov Ovvatar v ME. dextéov 01, ot
n ME #x 0vo péowv éotl mouwry. émel aevpuergog
éorwv ) AE tfj EA pijxer, ovupstgog 02 % EJ tff
AB, eovuustgog dox 9 AE tj AB. xol émsl ovupe-
1pdg ot ) AH 1vj EH, ovupsteds ot xal 7 AE
éxaréoq tov AH, HE. alle v AE dovppergos i
AB pinse: xel af AH, HE doa d¢ovuuerool 6L T4
AB. of BA, AH, HE &ga ¢nral &lo. dvvape udvov
ovpusTooL @dore pésov dorly éxdregov tov A6, HK.
aots xal éxaregov tév EN, NII uéoov Zotiv. xal
of MN, NE dga péoar slelv. xal émel cvpuergog 7
AH jj HE pijxee, 6Vupetody ot xel 6 40 v HK,
rovtéor 0 EN 16 NII, vovtéors ©o amo tijc MN
1. I'd] BI, I'd P, coor. m. 1; 4 Bb. 2. Z4] mut. in
AZ V, AZ Fb. 8. Post zetpdyovoy del. o0 NJI m. 1 P.
EN B, sed corr. 6. N5] mut. in NZ V. {4or{] om. P,
éortv B. 8. NII] IINF ef in ras. V. 9. ME] MN, N&
corr. ex MNE V; mg. m. 1 yo. MN, N5 b. 3¢ V. 10.
géooy F, corr, m. 1. {¢nsl yoo F. 12, &ga] dea ual V,
doa dotiv F.  Post AB add. prjxee V, m. 2 B.  "#xef] om. P.
18. EH] HE F. éouv B. 14, alld — 15. xal] xef dou
(dorey B) $neny 7 AE" $nony doo nal éwazéoa tav AH (AE F),
HE. xal Znal covupstodg fotiv ) AE 17} AB, cdpuctoog O
# AE fxaréoq tév AH, HE, nal (om. B) Theon BFVY). 15
dea]l m. 2 F.  covppereor BF, sed corr. glowy PB, 16.

Post 4B add. pixes m. 2 B. B4l om. P.  elaw B. 18.
lot/ PV, comp. Fb. 19, elof V, comp. Fb.  Ante 7 add.
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Py HE 2 lelogrammo .4 ® aequale con-
struatur quadratum XN, par-
allelogrammo HK autem

i

]

X 4 N 11, et ponantur ita, ut M N,

P o NE in eadem recta sint;

M e itaque etiam PN, NO in
NpOE eadem sunt recta. expleatur

|
|
‘ quadratum XII. tum ex iis,
P quae antea demonstrata sunt
z 0 [prop. LIII lemma], adparet,
MP medium esse proportionale inter XN, NII et
= EA [p. 162, 1], et esse MXE®* = AT [p. 162, 5].
iam demonstrandum est, M5 ex duabus mediis primam
esse. quoniam A E, EJ longitudine incommensura-
biles sunt, et E4, 4B commensurabiles, 4E, 4B
incommensurabiles erunt [prop. XIII]. et quoniam
AH, EH commensurabiles sunt, etiam 4 E utrique
AH, HE commensurabilis est [prop. XV]. uerum
AE, AB longitudine incommensurabiles sunt. quare
etiam 4H, HE rectae 4B incommensurabiles sunt
[prop. XIII}. itaque BA et 4H, HE rationales sunt
potentia tantum commensurabiles. quare utrumque 48,
HK medium est [prop. XXI]. quare etiam utrumgque
Z N, NIT medium est. itaque etiam MN, N5 mediae
sunt. et quoniam 4H, HE longitudine commensura-
biles sunt, etiam 4@, HK, hoc est XN, NII siue
MNZ?, N5% commensurabilia sunt [VI, 1; prop. XI}.
et quoniam AE, EA longitudine incommensurabiles
sunt, et 4E, 4 H commensurabiles, et E4, EZ com-

docev BVb, m. 2 F. 20, xel 76 46] eras, V. o] iy P.
MK F, corr. m. 2.
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t6 ano tijg N5 [dore dvvapes elal ovppcrgor af MN,
NE]. xal énel dovppcrds éovwv § AE vfj EA pijxes,
GAR 1 ptv AE oVpuerpog ot vij AH, 5 0t EA f
EZ ovppergog, acvppcrpog doa 7 AH tfj EZ* dore
5 xal 10 AO® 16 E A aovppsrpdy éotwv, rovtéor 16 EN
t MP, vovtéorw 7 ON i NP, rovtéonv § MN
5} N5 dovpusreds €ove pijxsr. &0eiydnoav 0t al MN,
N5 xal péoer ovoar xal Svvdpsr odpperoor” of MN,
NE doa péoar elol dvvaper povov ovpuergor. Afyw

10 07, Ove xal $nrov mepiéyovow. imel yao % AE bnd-
xewraw Exatépe tav AB, EZ ovppergog, OUpuEToos
dpa xal ) EZ 15} EK. xal ¢qry éxarépa alrov: ¢7-
1ov doa 10 EA, tovréere 10 MP* 1o 02 MP ot 1o
vmd tov MNE éev 0% dVo péoar Svvdper pdvov

15 OUppETQoL CUvTERdaL Gyrov megiéyovoar, 1 6An &Aoydg
dotiy, xadelrar 0% éx 0vo péowv mpwry.

‘H dga ME éx 0vo péoav fotl_mewty' Omep éde
dsttas.
v§'.

20 Eav yweelov mepiéynrar vmwd ¢ntig xal t7g
éx 0vo dvoudrav teltng, % 10 ywelov dvva-
pévny &Aoydg éo6tiv 1 xadovuévy éx dvo uécwv
devrépa.

Xowglov yap 16 ABI' 4 meueyioho vmd §nrig tijg

25 AB xal tijg éx 8¥o dvoudtav Toitng tig A4 dupen-
pévng elg 1o dvdpara xare td E, dvlpeitov don o

1. dore — 2. N5) om. P. ot xal F, sed corr. 3.
alle V. 4, ovppergog] om. FVbh. dovppergog] corr. ex
ovuperoog m. 2 F. 5. dovppsrgog F, corr. m. 2. " don BY,
comp. Fb. ZN] corr. ex ENB. 6. NPlinras. V. 7.

douv P. 8. Svvdpuse povoy V. af — 9. gupperoor] mg.
m 2V. 9 #elv B. 10. JE] in ras. V.  11. 4B] corm.
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mensurabiles, 4 H et EZ incommensurabiles sunt [prop.
XIII). quare 48O, EA, hoc est TN, MP, incommen-
surabilia sunt, siue ON, NP, hoc est MN, N, lon-
gitudine incommensurabiles [VI, 1; prop. XI]. demon-
strauimus autem, MN, N5 et medias esse et potentia
commensurabiles. itaque MN, N5 mediae sunt po-
tentia tantum commensurabiles. iam dico, easdem
spatium rationale comprehendere. nam quoniam sup-
posuimus, 4 E utrique 4B, EZ commensurabilem esse,
etiam EZ, EK commensurabiles sunt. et utraque
rationalis est. quare E4, hoc est M P, rationale est
[prop. X1X]. uerum MP = MN > NZE. sin duae
mediae potentia tantum commensurabiles componuntur
spatium rationale comprehendentes, tota irrationalis est,
uocatur autem ex duabus mediis prima [prop. XXXVII].

Ergo M ex duabus mediis prima est; quod erat
demonstrandum.

LVL

Si spatium rectas rationali et recta ex duobus no-
minibus tertia comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duabus mediis secunda,
quae unocatur.

Spatium enim 4 BI'4 comprehendatur rationali 4B
et recta ex duobus nominibus tertia 44 in nomina
in E diuisa, quorum maius est 4E. dico, rectam

ex EBm. rec. F. EZ] in ras. V. ovpperog] om. F. 12,
dox fot/ P. EZ] mut. in ZE V, ZE P. 13, tovréonuy P.

14, MN, N5 V. pévov‘l om. BFV. 15. ovvteddowy
PB. 4]m.2F. 18 dont V, comp. Fb. 17. ME) MHZ,
del. Z, F. éor{] m. 2 F. 24. §nrijg] supra scr. ¥. 25,

tolrng] supra scr. F. 26. dv] dv 6 P.  Zorm BFb.
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AE- 2éyw, ovu 7 10 AT ywelov dvvapdvy &ioyls
dotiv 7 xedovusvy éx Ovo pédov devréga.

Kaveonsvdodw yop ta avre voly mdrsgov. xal
énel éx Ovo Gvoudrov éoti toity y Ad, of AE, EA
doa dnral eler dvvaus povov evpuergor, xal 7 AE
tijg E4 peifov dvvate té axd ovppérgov Eovrs, xol
ovderépa 1év AE, EA 6bupcrgog [éoti] tf) AB prxec.
ouolwg 07 tolg moodederyuévorg Oeltopsv, ot 7 ME
éozy ) 10 AT yweiov Svvapévy, xal af MN, N5
péooe elol dvvduer pdévov ovuustoor dove § MJE éx
d0vo upfowv fotiv,

denréov 07, dte xal devrépa.

[Kal] énel aovuuerpdg éotiv ) AE tfj AB pijxer,
rovréor. vfj EK, ovuucrgog 0t 1y AE vy EZ, doip-
uergog doa éotiv ) EZ 1) EK wixer. xal elot gnral
of ZE, EK apu yral &l6c Qvvape povov 6vuusrgo:.
uéoov &oa [otl] 6 E A, tovréore 10 MP: xal megié-
yetar o tov MNE: péoov Goa fotl to Umo tdv
MNE,

‘H ME doa éx 0Uo péowmv éotl devrépa” Omep &0e
deitar.

1. 7] supra scr. m. 1 b, 8. xataonsvded®o Vb,  yde]
& V. 6. eloww P. Post AE del. EJ doa $nrol slowy m.
1 P. 17 dou] om. P. 8. voig mebregor Sedsiyuévorg Theon
(BFVDL). %] m. rec. P, 9, %] postea ins. F.  xal Gzt
of BFV. 10, elov B.  MXE] MZ FV.  11. ecl BY,
comp. Fb.  18. xee/| m. 2 BF, om. Vb,  Zzel 0dy V. 15,
EZ)ZEP. EX]EHP. 16. eloww PB. 17 6t(] om.
BFVb. rovtéony P. 18. MN, N b. pécov — 19,
MN5] mg. m, 2F. 20. ME) MN, add. §m. 2 B; MN 5
FVb. = pa] supra ser. m, 1 F.  Z¢tf] om. P, Gnep #dar
dzitou] om. BF Vb,
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spatio 4I" aequalem quadratam irrationalem esse ex
duabus mediis secundam, quae uocatur.

Comparentur enim eadem, quae antea. et quo-
niam A4 ex duobus nominibus tertia est, 4E, EJ
y HE z rationales sunt potentia tan-

tum commensurabiles, et
r AE? excedit EA4® quadrato
K 4 rectae sibi commensurabilis,
P n et neutra rectarum A E, E4
rectae 4B longitudine com-

i mensurabilis est [def. alt. 3].

)

I

iam eodem modo quo antea
- demonstrabimus, esse
=z (o] Ei = AT

[efr. p. 162, 5], et MN, NZE medias esse potentia
tantum commensurabiles [cfr. p. 166, 10 sq.]. quare
M5 ex duabus mediis est.

lam demonstrandum est, eandem secundam esse.
quoniam AJE, 4B, hoc est 4E, EK, longitudine in-
commensurabiles sunt, et 4E, EZ commensurabiles,
EZ et EK longitudine incommensurabiles sunt [prop.
XIII]). et rationales sunt; itaque ZE, EK rationales
sunt potentia tantum commensurabiles. quare E 4,
hoc est MP, medium est [prop. XXI]. et rectis MN,
N5 comprehenditur. itaque MN >< N5 medium est.

Ergo MJE ex duabus mediis secunda est [prop.
XXXVII]; quod erat demonstrandum.
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vE.

Eav yweflov mepiégnrat v=xd $nriis xal rijg
éx 0vo dvopdrov rerdoTng, N 16 ywelov Svva-
uévn &loyog é6tiyv 7 xalovudvy psltow.

Xoglov yep 10 A mepuegéodm vmo fmrig tijs
AB xal i éx 8vo Svopdrav tevegrns tig Ad duy-
onuévng &l T dvdpare xare td E, dv peifov Eoto
10 AE" iépw, otr 1) ©0 A ywelov dvvauévy &ioydg
dorwv ) xadovpdvy peltov.

‘Encl pap 7 Ad éx 0¥0 dvoparwv éovl tevapry,
of AE, EA &pa ¢nral el6r dvvaper povov ovuustoor,
xal 7§ AE vijg¢ EA petfov dvvarar t6 dnd dovppérgov
éavrij, xal ) AE 1} AB ovpuerpds [f6ti] pqxer. 7e-
twijofw § AE 0iya xetd v Z, xal ©¢ dno vig EZ
loov mapa v AE mapafefiiodw mapalinidyoauuov
70 vmd AH, HE* aovppstgog &pa fotlv % AH 13
HE pijxes. fydoeay nepddinios 7y AB of HO, EK,
Z A, xal va Aot Té avre tolg MEO TOVTOU PEpOvET®”
pavepoy 01, ot ) 10 AT ywelov dvvaudvy éorlyv 7
ME. daxtéov 01, 6ve § ME &Aopds oty % nadov-
pévy pelfov. énel aovppsteds fotww m AH vt EH
prixee, a6vpperedy ot xel 10 A6 e HK, tovtéon
©0 EN v NII' af MN, N5 dga dvvape eloly

2. mequégerar P, 4 pedfo V, sed corr. 8, 7] om. Fb.
AE P gooloy 5 Fb. 10. oty P, 11. slowr P, 12
wig] 7 b. tG] corr. ex ©6 V.  ovppéroov, ¢- add. m. 2,
BF 13. Eqm om. P.  15. AE] supra 4 scr. 4 b, E in
ras. V. 16, omo oy V. AH] corr. ex AEm. 1 F. 17,
EH V. 18. Z4] in ras., seq. ras. 3 litt. V, Z in ras. m. 1 B.
zomu] sapra scr. V.  za] om. FV. avra} om. F. 21
ovpueroos F, corr. m. 2.  Zoruv) om. B. 22. rovtéorireon: P,
corr. m. 1. 23. o] corr. ex 6 FV.  doa] om. b,  elol
ovpusreor V, corr. m. 2,

4
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LVIL
Si spatium recta rationali et recta ex duobus no-
minibus quarta comprehenditur, recta spatio aequalis
quadrata irrationalis est maior, quae uocatur.
Spatium enim AI" rationali 4B comprehendatur
et A4 recta ex duobus nominibus quarta in E in
nomina diuisa, quorum maius sit 4E. dico, rectam
spatio 4TI aequalem quadratam irrationalem esse
maiorem, quae uocatur.
nam quoniam 44 ex_duobus nominibus quarta est,
AE, EA rationales sunt potentia tantum commensu-
4 HE z  Tabiles et AE? excedit E4?
|” quadrato rectae sibi incom-
mensurabilis, et 4E, 4B
longitudine commensurabiles
sunt [deff. alt. 4]. secetur
A4AE in Z in duas partes
aequales, et quadrato EZ?
aequale rectae 4 E adpli-
| cetur parallelogrammum
z o AH>< HE.
itaque 4H, HE longitudine incommensurabiles sunt
[prop. XVIII]. rectae 4B parallelae ducantur H®, EK,
Z A, et reliqua eodem modo, quo antea [p. 166, 1 sq.],
fiant. manifestum igitur est, esse M5 == 4I'. iam demon-
strandum, M5 irrationalem esse maiorem, quae uocatur.
quoniam A4 H, EH longitudine incommensurabiles sunt,
etiam 40, HK, hoc est ZN, NII, incommensurabilia
sunt [VI, 1; prop. XI). itaque MN, N5 potentia
incommensurabiles sunt. et quoniam 4 E, 4B longi-
tudine commensurabiles sunt, 4K rationale est [prop.

ty
D
N A
N
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aovupetgol. xal émel ovpueteds éotwy § AE 1) AB
uijxst, dqrév éove v0 AK- xai dovw loov roig axod
tév MN, NE: ¢nrov dga [lotl] xal to oupxeluevov
é tov amd tév MN, NJE. xal énel aovpusreds
(éovv] 4 AE tfj AB pnxa, vovtéor. tij EK, adla
% AE ovpustredg éote vy EZ, aovpuevgog dpa 1 EZ
tj EK pijxai. of EK, EZ dga $nral &loe Svvapst
uovor ovpusrpor' pédov aga to AE, tovtéor. 10 MP.
xal meguEyetar Vo tov MN, NE- udoov doa Zorl
70 Um0 t@v MN, NE. xel gnrov 10 [evpxsiusvov]
éx tav ano rov MN, NE, xal elow aovppsrpor al
MN, N5 dvvdpe. dav 0t dvo evdeion dvvdps dovp-
UETQOL CVVTERHOL WoLOTONL TO piv Gupxeluevov & tav
ax avTdY TerQaymvay $nTév, 16 & Ux adrdv uéeov,
7 GAn &loydg fomiv, xaleitar 0 pelfov.

‘H ME dpa aldoyog doriv 1 xalovpévy peliov,
xal Svvarar 10 AT ywelov' omso &der deiba.

vy

'Eav yoglov megiéynrar vxd ¢nris xal tig
éx 0vo dvopdrov méumwtyg, § 10 ywelov dvva-
pévy aloyds éoriv 4 xadovudvy $nrov xal pé-
gov dvveudvy.

Xoglov yap 10 A meguexéodom vmod $nrig s
AB xal tijg éx 0vo dvopdtwv miumrns vijg AA duy-
onuévns &g te& Svdpare xave vo E, dore 1o peifov
dvoua elvar 10 AE Aéyo [01]], or 5 10 AT yopiov

1. EAP. 2. {ou] doriv P, dein del. § 4E tj; ABm.1. 10
ecorr.m. 1 V. 8 MN] NMP. Zov{] om. BFVDL. mx{J
om. b. 5 Zorv] om. P.  rovtéomy P. ail’ F. 6.

doviv P. t§]zic P. 7. eloww P. 8. tovréstw b. . 10]
corr. ex o m. 1 F. 9. péooy — 10. NE] mg. m. 1 P. 10,

~
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XIX]. et AK=MN?*4 N 53, quare etiam MN%4- N 5E?
rationale est. et quoniam A4 E, 4B, hoc est 4E, EK,
longitudine incommensurabiles sunt [prop. XIII], et
A4E, EZ commensurabiles, EZ, EK longitudine in-
commensurabiles sunt [prop. XIII]. itaque EK, EZ
rationales sunt potentia tantum commensurabiles. quare
AE, hoc est MP, medium est [prop. XXI]. et rectis
MN, N5 comprehenditur. itaque M N>< N5 medium
est. et MN? | NJ5? rationale est, et MN, N& po-
tentia incommensurabiles sunt. sin duae rectae potentia
incommensurabiles componuntur efficientes summam
quadratorum suorum rationalem, rectangulum autem
medium, tota irrationalis est, uocatur autem maior
[prop. XXXIX].

Ergo MJ irrationalis est maior, quae uocatur, et
MJ5? = AT; quod erat demonstrandum.

LVIIL

Si spatium recta rationali et recta ex duobus no-
minibus quinta comprehenditur, recta spatio aequalis
quadrata irrationalis est spatio rationali et medio
aequalis quadrata, quae uocatur.

Spatinum enim AI' comprehendatur rationali 4B
et 44 recta ex duobus nominibus quinta in E in no-
mina diuisa, ita ut 4E maius nomen sit. dico, rectam
spatio A" aequalem quadratam irrationalem esse

ow6] ovyxelpevoy én V.  ovyxeluevov] om. P.  11. éx rdv]
supra scr. F.  xof douiv dovppstoog ) MN 15j N5 Theon
BFVb). 13. ovvre®Goy PB. 14, 8¢ comp. F. 15, Zous

V, comp. Fb. 19, xel i¢] bis b.  26. 87} om. P. %)
supra scr. m. 1 P.
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dvveudvy &loyds dotiv 7 xedovuévn ¢nrov xal pésov
dvvaudvy.

Kazeoxsvioda pag ta adre toig modregov dedeiyud-
voig® @avegdy 81, ot 1 10 AT ywelov Svvauévy éorly
1 ME. Odaxtéov 01, ove 7 MJE éderwv % gnrov xal
péoov Svvapévy. émel pap dovuusreds éoviv 7 AH
= HE, aevppcroov doe éotl xal 10 A0 ¢ OF, tovr-
ot ©d amd tjg MN ©6 and viig N5 of MN, N&
doa Ovvaues &lolv acvupsrgor. xal Emel A4 éx
dvo dvopdrev ot mwéumty, xal [éoriv] Elasoov avrig
tufjpe 10 Ed, cvpucrgog dpa ) EA tfj AB pixs.
alla 7 AE vjj Ed édetwv aodppergog el 1 AB
doa t5j AE éovv acvpuergog wixss [of BA, AE
énral slor Svvdusr uévov evpustoor]® uéoov Goa éotl
10 A K, rovtéon v6 ovyxeluevov éx tov and rov MN,
NE. xol énel ovpperedg dorwwv ) AE tfj AB wire,
rovtéen 1f] EK, aila y AE tf} EZ evuustpdg éon,
xal 7 EZ doa tf] EK evppsrods éomw. xal qon 7
EK* ¢yrov dga xel v0 EA, vovréer. 16 MP, rovr-
foti 10 vmd MNE' of MN, N5 &ga dvvdus covu-
pergol &lor moovoar vO piv ovpxelucvov éx tov am
avTdY TETQayevEY wédov, 1o & UX evtaov gnriv.

3. nataonsvdcBo V, sed corr.  yag] ovv.-V.  rois mgo-
3edeiypévorg Theon (BFVD). 5. 8¢ F. 7. HE] corr. ex
EH V‘L dotiy PB. 8. zijg N5 tov N P. = 9. ovp-
pereot V, corr. m. 2. Ad) 4 e corr. V. 10. éorv] om. P.

12. e’ F. 13. B4] mut. in 4B m. 2V, 4BF. 14
elowv B.  16. davpperoog B, corr. m, 2. 17. @A’ F. A4E]
corr. ex BI', ut uidetur, V. éare PBV, comp. Fb, 18,
Ante ovppsreos ras. 1 hitt. V. xal ¢nrn] énuy 8¢ BFVDh.

19. Post EK add. ¢nvy &ex %el 5§ EZ V. EA] supra add.
dm, 1b. tovtédry P.  toviéeoriv P.  20. vmo tay FV,

MN, N5 B. 21. elawv PB. 22. 8¢ F.
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spatio rationali et medio aequalem quadratam, quae
uocatur.
comparentur enim eadem, quae in superioribus de-
monstrationibus. manifestum igitur est, esse M52 =4I’
y HE 2 [p. 162, 1 sq.]. iam de-
monstrandum est, M) esse
rectam spatio rationali et
medio aequalem quadratam.
P nam quoniam 4 H, HE in-
~ commensurabiles sunt [prop.
N XVIII], 40, ®E, hoc est
MN?, N5®, incommensura-
bilia sunt [VI, 1; prop. XI].
< 0 itagque M N, NJF potentia
incommensurabiles sunt. et quoniam 44 ex duo-
bus nominibus est quinta, et minor pars eius est
Ed, Ed4 et AB longitudine commensurabiles sunt
[deff. alt. 5]. uerum AE, EA incommensurabiles sunt.
quare etiam 4B, AE longitudine incommensurabiles
sunt [prop. XIII1.") itaque 4 K, hoc est MN?® 4 N52
medium est [prop. XXI}. et quoniam AE, 4B, hoc
est 4E, EK, longitudine commensurabiles sunt, et
A4E, EZ commensurabiles, etiam EZ, EK commensu-
rabiles sunt {prop. XII}. et EK rationalis est. itaque
etiam EA4, hoc est MP sive MN>< N}, rationale est
[prop. XIX]. itaque MN, N5 potentia incommen-
surabiles sunt summam quadratorum suorum mediam
efficientes, rectangulum autem rationale,

r

1) Cum lin. 18 &g, quod edd. post 4E habent, in codd.
omittatur, malui delere «i B4 — lin. 14 edppsroor.

Euclides, edd. Heiberg et Menge. Iil. 12
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‘H ME &pa ¢nrov xal péoov dvvapévn éorl xal

dvvarar 1o AT yoplov: Omep &0s dsikou.
v’

'Eav gwelov megiéynrar vnd ¢nrijs xal tijg
éx 0vo dvopdrav Extng, 1) 10 ywelov dvvaudvy
&loyog éotiv 1 xadovuévy dvo péoa dvvaudvy.

Xwglov pap 10 ABI'A meoisyédodm Omd $nrijg vijg
AB xal tijc éx dvo Svopdtov Exrng tig A diney-
uévys €elg to dvdpara xete t6 E, deve 1o pstfov
dvopa slvar ©0 AE- léyw, ot 5 10 AL dvvapévy 7
d0vo péoa dvvapdvn foviv.

Katsoxsvaodo [yae] ta adre tols mpodsdeyudvorg.
pavepov 0, 6t [f)] 10 A" Svvauévy éotlv ) ME,
xal 8ve dovuperdg éoviy 1) MN fj N5 Svvdps. xal
énel aevupctpos éotww 7) EA vf AB pixe, of EA,
AB &pa $nral elov dvvduer pdvov ovpuergor’ pécov
doa Zotl 10 AK, tovtéor 1o ovyxelusvoy €x todv dnod
ty MN, NE. madw, énel aovpperods éorwv ) EA
t AB prxs, aovpucrpog &oa fotl xal 7 ZE 1 EK-
of ZE, EK apo ¢nrel elor Svvause pudvov ovupergor
péeov depa éovl 10 E A, tovréori 16 MP, tovtéert 16
Dm0 Ty MNJE. xal émel aovppsrgog 1§ AE 15} EZ,
xal 10 AK ©¢ EA dovpperpov éoviv. alde o plv

1. doclv PB. 6. 7] postea ins, F.  péoeg P, corr. m. 1.

7. ¢nrijg) om. F. 10. 9§ — OSvwapéyn] mg. m. 1 P. 3
(alt.) &doyds Zorv 7 xadovuévy Vb, e corr. F.  11. doviv] del,
F, om. Vbh. 12. xazaonevdodo V.  yde] om. P.  13. 7]
om. PF. 156. E4A] AE FVb. EA] AE' F, ju ras. V. 16,
slowy B. 17, doriy P.  "dmo 16y 'éx vaw F. 18. N X
mut. in FN V. 19. Post 4B add. rovréorirj EX V. dotlv B.

ZE]JEZP. 20 af] xal «f BFb. s&lowv P. 21. MP

corr. ex ME m, rec. b. = zovrésmy P. 22, ] donw ) FV.
28. aovppergos F.
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Ergo ME recta spatio rationali et medio aequalis
quadrata est [prop. XL], et ME® == AI'; quod erat
demonstrandum.

LIX.

Si spatium recta rationali et recta ex duobus no-
minibus sexta comprehenditur, recta spatio quadrata
aequalis irrationalis est duobus spatiis mediis aequalis
quadrata, quae uocatur.

Spatium enim 4BI'4 comprehendatur recta ra-
tionali 4B et recta ex duobus nominibus sexta 44
in E in nomina diuisa, ita ut maius nomen sit 4E.
dico, rectam spatio 4I" aequalem quadratam rectam
esse duobus spatiis mediis aequalem quadratam.

comparentur eadem, quae in superioribus demon-
strationibus. manifestum est igitur, esse M5® == AT,

4 HE 2z et MN, NJE potentia in-

commensurabiles esse [p. 176,

6 sq.]. et quoniam EA4,
X 4 T 4B longitudine incommen-
surabiles sunt [deff. alt. 6],
EA et 4B rationales sunt
potentia tantum commensu-
rabiles. itaque A K, hoc
est MN® 4 NJ5%, medium

2 est [prop. XXI]. rursus quo-
niam EJ, 4B longitudine incommensurabiles sunt
[deff. alt. 6], ZE et EX incommensurabiles sunt [prop.
XIIl). quare ZE, EK rationales sunt potentia tan-
tum commensurabiles. itaque E.4, hoc est MP siue
MN >< N5, medium est [prop. XXI]. et quoniam

AE, EZ incommensurabiles sunt, etiam 4K, EA
12*

)

N
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AK éote 16 ovynelpsvoy éx tév amo twv MN, N,
10 0t EA éom ©0 Umd tév MNJE: devuusroov dpa
dotl tO Gvpxsipevov éx Tdy and tédy MNJE ve vmd
tov MNE. xal éov. péoov éxaregov aviov, xal af
5 MN, N5 dvvdue elelv acvpuergor.
‘H MJE dpa 0vo péoa dvvaudvy éorl xal dvvare
10 A Onep édse Osttou. -

(4ijppe.

‘Eav evdela yoapun tundy &g dvica, 1 and tév -

10 avicoy terpaymve ueifove £t Tov dlg Omd TEY dvi-
eav meguepoudvov Spfoymviov.

"Eotw &0deia 9 AB xol retujode sl Gviee
sare 10 Iy xal &6te pelfav 9 A" Aédypo, Ort ta
and tov AL, I'B pelfova é6ve tov dig Umd taw

16 AT, I'B.

Terwrjodo yap 9 AB diya xatd 10 4. émel olw
svdsln poappt térunrar &ly piy loa xate 1o A, &g
0% dvioa xava ©o I, 16 dpax vmo rév AT, I'B pera
tov and I'd icov éorl 16 amd 44" dere to Vmd

20 vaov A, I'B élarvov 6w tov and Ad" ©o dga Olg
vwd tdv A, I'B &atrov 3 duwddedy éove o amd
Ad. arle ta awé tév A, I'B dimddeia [dori] tav
and 1oy Ad, AT ra doa and tév AL, I'B pslfova
éore 1o Olg vno twv AT, I'B" 8mep £0a deitan.]

25 £
To dno t1s éx 0Y¥0 dvopdrwy mapa énTnv .

2. dene] m. 2 F. zév] om. BFb. 8. MN,NE V. n{i)
w FV. 4 MN, N m. 2V, éoti P, péoov] pév
6. Svvdpee V. 8. Afjgpa] m. 2 P.  10. ooy V, sed corr.
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incommensurabilia sunt [VI, 1; prop. XI]. wuerum
AK=MN?+ N5 EAd=MN>NS. itaque MN?
+ NE® et MN >< NE incommensurabilia sunt. et
utrumque medium est, et MN, NX potentia incom-
mensurabiles sunt.

Ergo ME recta est duobus spatiis mediis aequalis
quadrata [prop. XLI}, et ME* = ATI"; quod erat demon-

strandum.
[Lemma.

Si recta linea in partes inaequales secatur, qua-
drata partium inaequalium maiora sunt duplo rectan-
4 gulo partibus inaequalibus comprehenso.
Sit recta 4B et in I' in partes inaequales
4 secetur, et maior sit 4I. dico, esse
r AI'* +T'B* > 24 >< I'B.
nam 4B in 4 in duas partes aequales secetur.
“B jam quoniam recta linea in 4 in partes aequales secta
est, in I"autem in inaequales, erit A'><I'B4- I'A2== A4 4*
[IL,5]. quare AT><I'B< A 4. itaque 2 A< I'B<L2 AA.
est autem AI? 4 I'B?=2(A44 + 4I%) [II, 9]. ergo
A+ T'B®>2 AI'><I'B;quod erat demonstrandum].’)

LX.
Quadratum rectae ex duobus nominibus rectae ra-

1) Cum Euclides iam prop. XLIV p. 128, 17 hoc lemmate
tacite usus sit, param credibile est, id ab eo ipso hic demum
additum esse. quare puto, lemma a.b interpolatore adiectum
esse, quem fugerit, id iam antea usurpatum esse. facile ad-
paret res ipsa ex II, 7.

eloe V.  avlooy tig olng tunudroy V. 12, fotm yag F 18.

peitoy to AT P. 16. J] corr.ex BF. 17 ypamm 7 4BV,
19. ¢no vijg Vb. raj in ras. vV, sr P. g A4V,
20. fiaacoy P, comp. Fb, Tii§ A4V, 22. tng A4 V.
éoui] om. P. 24, ﬂnv] om. P.  25. &', corr. m. 2, F.
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negafailopevoy widrog morel Tyv éx 8vo dvo-
peETOY TEATYY.

"Eerm éx dvo Svoudtov 9 AB duenuévy &ls ta
dvdpare xara 6 I', dors 7o pelfov Svopa slvar o
AT, xal éuxslodo ¢yre, ) AE, xal @ and vijg AB
loov mapa v 4E magafefiriodo 10 4EZH mAdtog
motovy iy AH' Aéyw, Sve y AH éx dvo dvopdrav
éotl mowry.

Nagafepinodn pap nmage iy AE 6 plv axd
tiig AT loov ©6o 40, tG 0} dnd wfig BI' loov o
KA Aowmwdv &po 16 dlg vmd tov A, I'B lgov dorl
9 MZ. terwijodo 7 MH 8lye xata o N, xal map-
dAdndog y®w 1) NE [éxeréoe tov MA, HZ). éxa-
regov doa tov ME, NZ loov dorl ©¢ dnat vmo tdv
ATB. xal énsl éx 8vo dvopdrwv fetlv ) AB diney-
pévn &ls re dvopara xave 10 Iy al AT, I'B &oa §-
ral elor Ovvaus pdvov ovpusTeor’ Ta dpa amd TAOV
AT, T'B §yre éote xel edppcrge didfiows' Sorve xal
10 ovyxelusvov éx v ano rav AT, I'B [cvpperody
éoti tolg amd tov A, I'B° ¢nyrov dpa dotl 1o 6vy-
xelusvoy éx tov and vdv A, I'B). xal éeriv loov
6 A4 gnrov oo dotl tO A4 A. xal meox fnryy Ty
A E magdxeiroan ¢nry doa otlv ) 4 M xal 6vpperoog
1] AE wixer. mdhw, énel al Ay I'B ¢nral &low
dvvduer udvov evppctgol, péoov doa Zorl to dlg vmd
tov AT, I'B, tovréors v60 MZ. xal mage ¢nriy vy
M A magdxeivar gty Goa xal § MH éov xal dovu-

B.tp]corr.ex o m. 1 F. AB] Aecorr. B. 9 6
corr. ex 6 m. 1 F.  10. 6] mut. in vo m. 1 F.  16]
ecorr. V. «tp]corr.ex am, 1 F. 11, dox/jm. 2F. 12

dlyal m. 2 V. 18, N¥] N eras. F, & b, énazdoe — HZ]
om. P.  14. Post doa del. zdy AH V. NZ] corr. ex N&
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tionali adplicatum latitudinem efficit rectam ex duobus
nominibus primam.

Sit 4 B recta ex duobus nominibus in I" in nomina
diuisa, ita ut maius nomen sit 4 I, et ponatur ratio-
4 KM N H nalis 4E, et quadrato 4 B?

[ |1 aequale rectae 4 E adplicetur
i 4 EZH latitudinem efficiens 4 H,
E 84 = Z gQico, AH rectam esse ex duobus

P ) .
4 r B  nominibus primam.

nam rectae 4 E adplicetur 40 =|4I"* ot K. 4=BI%,
itaque reliquum [II, 4] 2A4I'><I'B=MZ. iam MH
in N in duas partes aequales secetur, et N5 parallela
ducatur. itaque ME=NZ=A4I'><IB. et quoniam
AB ex duobus nominibus est in I" in nomina diuisa,
AL, I'B rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. itaque 4 I'*, I'B? rationalia
sunt et commensurabilia. quare etiam AI'* 4 I'B*
[prop. XV]. et 4I'* 4 I'B*= 4 4. itaque etiam 44
rationale est. et rectae rationali 4 E adplicatum est;
quare 4 M rationalis est et rectae JE longitudine
commensurabilis [prop. XX]. rursus quoniam AT,
I'B rationales sunt potentia tantum commensurabiles,
2A4A><TB, hoc est MZ, medium est [prop. XXI].
et rectae rationali M adplicatum est. itaque MH
rationalis est et rectae M4, hoc est 4E, longitudine

m. 1 F, 16. A', 'B inras. V. 18. af] xal «f V. 18,

dori]elo BF b, xaf](alt) om. V. 19. Post I'B del. xat éorey

toov F. ovppergov — 20. 'Bl mg. m. 1 P.  20. ¢nvov —

21, 'Bl om. P, 22. 44]) A e corr. FV, 44 P. zé] o F.
A44) corr. ex 44 m. rec. P. 28. 4M] corr. ex 4H m.

2 F. "27 &oa dovi BFVL, xal] om. V. #6u] om. BFVD,
ovppergog F, corr. m, 2.
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pergog tff M A, tovtéer. tff AE, piyxe. Eore 0% xal
9 Md fney xal 5] AE pijxer 6Uppetpog” aovpperpog
dpa dotlv ) AM tff MH piner) xal elov gnral ol
AM, MH é&ga {nral eler dvvdust pévov evuuctgos
éx 0vo_dpa bvopdrav fotlv n AH.

deaxtéov 8, Orv xal meaTy).

’Enel tov ano tov AT, I'B ufeov dvaioyov d6ti .
10 Un6 tov A'B, xal vdv 46, K 4 dga péeov avd-
Aoyov dote v0 ME. Zoviv dpo dg 10 4O mpdg 10
ME, ottwg 16 ME mpdg 10 K A, rovréeriv aog § 4K
7weog v MN, 9 MN mgds v MK* 1o &pa ¥md
tov 4K, KM loov Zotl te and tijg MN. xal Zmel
ovpuetdy fote 1o axd tiig AT té dnd tijs I'B, 6vp-
uereoy éote xal to A0 16 KA dore xal % AK vf
KM evpuetpog Zorww. xal émel pelfova éoti ta amd
tév AL, I'B tov dig vnd tév AL, I'B, peitov doa
xal 10 44 vod MZ* gers xal y AM g MH pelfov
dovlv. xal dovv [ov 7o Omd tdv AK, KM 16 dmd
il MN, tovtéer: ro teror Tov dmo g MH, xal
ovupsrgos § AK ) KM. éav 8% cor 0vo svbelow Gvi-
oot, TG O verdgre pépel Tod dnod tig éAaccovog [oov
neoa Ty uslfove nepepindy éAdeimov eide rerpaydvo

xal elg ovppsron avTyy diaief], § peltov thg éAdedovog

pettor dvvarar 16 dmd cvppérgov faveft 1§ AM dpa
g MH psifov Ovverar t6 and ocvuppérgov Eavry.
nal elow gnqral af AM, MH, xal § M psttov Svopc
ovca 6Vppuetedg éoti tf fxnsipdvy Gty o] AE prjxe.
—1.W—AM in ras. V. fouv PB. 8. AM) M4 P.

xal elot] e corr. V. eloy B. 4. AM, MH doa] e
corr. V. 5. &oa] supra scr. F, om. P. 7. Post #wel add.

yég BVb, F m. 2. 8. A', TBm. 2 V. 10. 4K] K
in ras, V. 18. I'B] BI in ras. V. 15. KM pixer ovp-
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incommensurabilis [prop. XXII]. uerum M rationalis
est et rectae 4 E longitudine commensurabilis. itaque
4M, MH longitudine incommensurabiles sunt [prop.
XII1]. et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4 H ex duo-
bus nominibus est [prop. XXXVI]. iam demonstrandum,
eandem primam esse. quoniam 4I">< I"B medium est pro-
portionale inter 4 I'®, ' B? [cfr. prop. XX1I lemmal, etiam
M5 medium est proportionale inter 40, K 4. itaque
AO:ME=M}5:KAd,hocest[V],1] 4K: MN=MN: MK,
itaque 4K > KM= MN? [VI, 17]. et quoniam
ATI*, 'B? commensurabilia sunt, etiam 40, K A4 com-
mensurabilia sunt. quare etiam 4K, KM commen-
surabiles sunt [VI, 1; prop. XI]. et quoniam est
A +T'B*>2A4>< I'B[u.ad lemma}, erit # 4> MZ.
quare etiam AM> MH [V], 1; V, 14]. et
AdK >< KM = MN?* =} MH?,

et 4K, KM commensurabiles sunt. sin datae sunt
duae rectae inaequales, et quartae parti quadrati mi-
noris aequale spatium maiori adplicatur figura qua-
drata deficiens et eam in partes commensurabiles
dinidit, maior quadrata minorem excedit quadrato rectae
sibi commensurabilis [prop. XVII]. itaque 4M? ex-
cedit MH? quadrato rectae sibi commensurabilis. et
AdM, MH rationales sunt, et maius nomen 4 M
rectae rationali propositae 4 E longitudine commensn-
rabilis est. )

peveos dor V. Post oty add. pixer m. 2 B. 18. tov
— I'B] supra ser. F. 18, 4ot PVD, comp. F. 20. Post
KM add. pijxee V, m. 2 B, dory PB. 28. dwxieei b,

24, Ante peifov ras. 11itt. F.  25. t0)} w6 V.  26. xal 5 —
27. fou:] in ras. F.  26. 4M] MH P, HM Fb.
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‘H 4H é&oo éx 0vo Svopdtav fotl mowty' Omep
Edse Oeikar.
Eo

To amd tig éx 0vo péowv mwedtyg wag ¢7-
6 tv mepafaliducvor midrog mwoiel THv éx dvo
Svoudrov dsvrépav.

"Eotw #x dvo péewv mewty § AB duenuévy &ls _
tag péoag xora o I, dv peltov § AT, xal éxxsicdo
onvy n AE, xal negefepiiodon mags v AE 16 dnd

10 t5¢ A B loov magadinAdygappov 16 4Z mAdvog mototy .
oy AH* Aéye, 8t 4 H éx 8vo dvopdrav detl devrépe.

Koarsoxsvdedo yoeg ta avre volg med Tovrtov. xel
émel 7 AB éx dvo péeov fatl mowry dipenuévy xard
10 Iy af A, I'B apa uééow &lol dvvaust udvov

15 CUpuETor GnTdv megiéyovbar @OTE xal T@ AT TV
AT, I'B péea éotiv. péoov dpa dotl ©d 4A. xal maga
éntiy v AE magaféBiqran’ dyry doa deviv y MA
xol dovpuergog ti] AE uixe. melw, el dyrdv dore
16 0lg 9md vov AT, I'B, ¢nrov dore xal 16 MZ, xal

20 mapa Onriy vy MA mapdxetar gyry doe [fotl] xal
f) MH xal pixse odppetpog tff M A, rovtéon. v 4E-
acvppsroog Goo éotiv § AM tff MH pixst. xal &loe
onral’ ol AM, MH doa ¢nral slor Svvduse povov
ovupergor’ éx dvo dpa Svopdrav detlv 7 AH,

1. vopatw b.  Gmeg #8e1 deika] om. BF VDb, comp. P, 8.
£8° F. 4. ¢nrije B, sed corr. 7. fotw] e corr. m. 2 F. 9,
naga Ty AE magafePinodo P. 10. 4B] corr. ex 44 m.
1b., ooy 6 P. 12. xavesxsvacfo V. 14, «f] in ras.
m. 2 B. eloiv B. 18. Zotiv] éot/ PB, comp. Fb, elot V.
17. magexervar Theon (BF Vb).  19. Zor] om. B. 20, 63,
supra scr. ©jy P.  doz(] om. BFVb.  21. ovpperoos prines V.
DEIA]éVI e corr. V. 22 dotiv) om. V. pymec v MH V.
elaw B.
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Ergo 4H ex duobus nominibus prima est [deff.
alt. 1]; quod erat demonstrandum.

LXIL.

Quadratum rectae ex duabus mediis primae rectae
rationali adplicatum latitudinem efficit rectam ex
duobus nominibus secundam.

Sit 4B recta ex duabus mediis prima in I’ in
medias dinisa, quarum maior 8it A4I", et ponatur ra-
4 KM N H tionalis 4E, et rectae 4E adpli-

’ ' cetur quadrato 4 B? aequale par-
’ allelogrammum AZ latitudinem
E €4 & Z officiens 4H. dico, 4H ex duo-

| ————— o .
A I B bus nominibus secundam esse.

nam comparentur eadem, quae in priore propositione.
et quoniam 4B ex duabus mediis prima est in I’
divisa, 4I', I'B mediae sunt potentia tantum com-
mensurabiles spatium rationale comprehendentes [prop.
XXXVII]. quare etiam 4I®, I'B® media sunt [prop.
XXI]. itaque 44 medium est. et rectae rationali 4E
adplicatum est. itaque M ratiobalis est et rectae
4 E longitudine incommensurabilis [prop. XXII]. rursus
quoniam 2 AI">< I'B rationale est, etiam MZ rationale
est. et rectae rationali M4 adplicatum est. itaque
etiam MH rationalis est et rectae M4 longitudine
commensurabilis [prop. XX], hoc est rectae 4 E. itaque
4dM, MH longitudine incommensurabiles sunt [prop.
XIII). et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo 4H ex
duobus nominibus est [prop. XXXVI].
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daxzéov 01, otr xal dsvrdpa.

‘Enel yoo ve and tov AL, I'B psifovd éote tov
dlg vmd tov A, I'B, peifov apa xal 0 AA tob
MZ: dove xal § AM tijg MH. xal émel ovpperoov

5 &0t ©0 anod g AL 16 end g I'B, evpusrodv éove
xel 10 40 163 KA Gove xal 7 AK vij KM ovppe-
1odg fotv. xal fote ©o vmo v AKM leov vd and .
tiig MN* 9 AM &g t9jg MH peifov dvverer ve amd
o'vmurgov éavry. xal dovww y MH evpuergog tij AE

10 prxee.
‘H 4H dga & 0vo dvopdrov otl dsvtipa.

E8.

To axo tijg éx dvo péowv dsvréoas mapa

gnnw nagaﬁallopevov mAidrog moiel TRV éx
15 0v0 dvopdrov toltyv.

"Eotw éx 0vo pfewv Sevtéoa 1) AB diponuévy &ls
tog péoag xave to I, dore 16 psitov tufjua slver 1o
AT, énen 8¢ vig forw 7 AE, xal mepa iy 4E v6
ano tijg AB loov mapadinidyoappov magafefiricdo

20 10 A4Z mldrog mowovv iy AH' Aéyw, Ctv ) AH &x
dvo Svopdrov Zotl TolTy.

Kearsoxevae®o ta adra volg mpodedsiyusvorg. xad
énsl &x 0vo péoov Odsvrépa fetly 57 AB Suponuévy
xat ©o I, ol AT, I'B &pa péoar elol dvvapss povov

25 CUUEETQOL UEOOV TEQLELOVEAL’ ®OTE Xl TO CUYXElUEVOV
3. AT] 'in ras. m. 1 P. 7. doutv] domt BV, comp. Fb.
foui] douv P. A4KM] K corr. ex M m. 1 P; 4K, KM corr,

ex JK,LNMV. 8 MH] corr. ex MNm. 1b.  d¢varar
peitor V. oa1e £p’] corr. ex &y’ F. 15, ovop.armv] cort. ex

péowy m. 2 B, Teftyy] in ras. m. 1 B. 16. fotw] in ras.
m. 1 B. 18, {ote] yryovéte V. A4E] inras. m.1B. 1]
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iam demonstrandum est, eandem secundam esse.

nam quoniam AI® 4 I'B*> 2 A" >< I'B [prop.
LIX lemma], erit etiam 44> MZ. quare etiam
AdM> MH. et quoniam AI®, I'B? commensurabilia
sunt, etiam 46, K4 commensurabilia sunt. quare
etiam 4K, KM commensurabiles sunt [VI, 1; prop.
XT]. et K>< KM= MN? [cfr. p. 184, T 8q.]). itaque
AM? excedit MH? quadrato rectae sibi commensu-
rabilis [prop. XVII]; et MH, 4E longitudine com-
mensurabiles sunt.

Ergo 4H ex duobus nominibus secunda est [deff.
alt. 2].

LXIL

Quadratum rectae ex duabus mediis secundae rectae
rationali adplicatum latitudinem efficit rectam ex duo-
bus nominibus tertiam.

Sit 4B ex duabus mediis secunda in I" in medias
diuisa, ita ut maior pars sit 4 I, rationalis autem sit
a4 KM N H AJE, et rectae 4E quadrato 4 B?
i l aequale parallelogrammum A4Z

adplicetur latitudinem efficiens
4H. dico, 4H ex duobus nomi-

4 ' B nibus tertiam esse.

comparentur eadem, quae in superioribus demon-
strationibus. et quoniam 4B ex duabus mediis se-
cunda est in I' diuisa, 4T, I'B mediae sunt potentia
tantum commensurabiles spatium medium comprehen-

E 04 5’ 12

N

$peny wip F. . ©é) corr. ex té m. 1 F.  20. j»] corr. ex

tom. 1B, 26 F. 22 xal xareoxcsvdcdo, del. xal, F; nata-

oxevacfm yoe V.  xal] postea ins. F.  28. 4ozl dsvréea P.
24. 'B] I'in ras. V. péoas adea V.  sloly PB.
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& tov amo tov A, I'B péoov fotiv. mnal donv
ioov 1@ AA° péoov apa xal 10 JA. xal meodxsivar
nage ¢y iy AE° fnr &ea fotl xal 1§ MA xal
aovppsrgog 1) AE pixe. Oe ta avta 0f xal 4
MH ¢yry éove xal aedppsrgog tff MA, tovtéon i
AE, pixe gnry dpa fotlv éxazépe v AM, MH
xel dovppstgog tij AE pijxer. xol émsl aevppsreds
éotiv ) AT ©fj I'B wijxe, ag 0% 3§ AL mpdg v I'B,
ottwg 10 and i AT medg 16 vnd rév AI'B, dovpu-
uetgov doa xal 16 amd tijg A 16 vmo védv ATB.
wote xal 10 ovyxsipevov éx tdv dand tav A, I'B
t¢ Olg Umd tév AI'B acvpusredv oy, rovréors 1o
44 v MZ° Geve xal ) AM 5 MH dovuperodg
éotwv. xai slor ¢nralc éx dvo &ea Svoparav dotiv
n 4H.

daxréov [01], e xal ToiTy.

‘Opoiwg 07 tolg mootépois émihoyiovpsde, Ote psi-
fov dotlv 1) AM tijg MH, xal ovppsrgog § 4K v
KM. xai éoti 1o vmd tov AKM loov © amd tijg
MN- 9 AM é&oa tijg MH petlov dvvarar 16 dnd
ovppérgov éavtfi. xal ovderépa tév AM, MH ovpu-
ueteog ot ] AE pixer.

‘H 4H age éx dvo ovoudrov forl toity Omse
&0t Oettau.

1. éx tév] om. Fb, m. 2 B.  {otiv] dox{ PBVD, comp. F.
2. magexeiza]om. V., 8.ty JEnriv P, doriv B.  xel }

om. B. a4MP. 4 61.?;] xal ead F. 6. ¢nrij — 7. pijxee
mg.m.2V. 6 MNV. 8.1 I'B— % AI'] supra scr.
m. 2 F. 9.¢75] zév B. AT, B4 B. oevppergoy B, corr.
m. 2. 10. 6] corr. ex o V. tg] corr. ex to m. 2 P,

AT, 'BYV. 11. I'Blom.P. 12 4ABI' P. é¢u PBFYV,
comp. b. o] v F. 18. 44] JA F et, eras. 4, b.  xal)
om. B. 14, Zori PBV, comp. Fb. 18. 8] om. P. 17,
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dentes [prop. XXXVIII]. quare etiam AI'® 4 I'B?
medium est. est autem 4I'* 4 I'B® = 44. itaque
etiam 4.4 medium est. et rectae rationali 4E ad-
plicatum est. itaque M4 rationalis est et rectae 4 E
longitudine incommensurabilis [prop. XXII]. eadem
de causa etiam MH rationalis est et rectae M4, hoc
est 4 E, longitudine incommensurabilis. itaque utraque
4dM, MH rationalis est et rectae 4 E longitudine in-
commensurabilis. et quoniam 4TI, I'B longitudine in-
commensurabiles sunt, et A':T'B==AT*: A'><IB
[prop. XXI lemma], etiam AI'* et 4I'><I'B incom-
mensurabilia sunt [prop. XI). quare etiam 4I"* - I'B?
et 24I><I'B, hoc est 44 et MZ, incommensura-
bilia sunt. quare etiam 4 M, MH incommensurabiles
sunt [VI, 1; prop. XI]. et sunt rationales. ergo 4H
ex duobus nominibus est [prop. XXXVI].

demonstrandum, eandem tertiam esse.

eodem igitur modo, quo antea [p. 188, 2 seq.), con-
cludemus, esse JM > MH, et 4K, KM commensu-
rabiles esse. et JK>< KM = MN?3. itaque JM?
excedit M H? quadrato rectae sibi commensurabilis
[prop. XVII]. et neutra rectarum M, MH rectae
AE longitudine commensurabilis est.

Ergo 4H ex duobus nominibus tertia est [deff.
alt. 3]; quod erat demonstrandum.

d;] 8¢ V. moozegov BFb.  Gu] corr. ex © m. rec. P. 19,
dKM] 4 e corr. V, corr, ex 4 m. rec. P, 21. ovppéroov]
oin ras. V. 22 fouw PV. 28, Omee £3e: d:ifar] comp. P,
om. BFVD,
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&

Té amd tig peifovos mage $nryv magafal-
Adpusvov midrog moiel tyv €x dvo dvoudrav
TETAQTYV.

"Eore psitov 3 AB duponuévy xara o I'y dore
peltove evar v AL vijg I'B, ¢y 0 1) AE, xal
t@ and vis AB loov mapx tiy JE nmegafcfiicde
10 AZ mapaiinioygappov mAdrog mocotv v AH:
Aéyw, 6t ) AH éx 0vo Svopdrav éetl terdgry.

Kaveonevdodao ta avra volg moodedsiyuévors. xal
énel psitov dorlv ) AB diponuévy xara ©o I, af AT,
I'B dvvdper elolv acvppergor motovoar o plv ovy-
xelusvov éx TOV AT aUTOV TETERYOV@Y (RToV, TO OF
U7 avrdv pdoov. émsl odv $nrdv omi td ovyxelusvov
é tdv and tov AT, I'B, ¢nzov dga dorl vo A4
onry dpo xal § AM xol cvppetgog tij AE pijxe.
nadiv, émel péeov dorl o dlg Umd tév AT, I'B,
tovtéere ©0 MZ, xal mepa niv dove vy MA, ¢y
&pa éotl xal %) MH xal devuustpog ] AE prxe
aevupstpog doa dotl xal ) AM i MH pijxa. of
AM, MH coa ¢nral eloe dvvapss pdvov ovpucror’
éx 0vo dga JSvoudrov fotlv 3 AH.

dexzéov [07], ote xnal Terdery.

‘Opolwg 0y dsckousy Tolg mpoTegov, Ot pelfov éotiv

1. £8' F, et sic deinceps. 6. ¢n supra ser. 7f V. L1
ug V. 7. mope — 8. 4Z] mg. m. 1 F. 8. JH] corr. ex
4dE m.1 F. 9.7 dH] eorr.ex AH F. 10, xevaoxsvaofo
V. Dein add. yuo FV. neodedspévorg F, corr. m. 2; meo-
68616«7;&1‘10:; , mg. m. 1 yo. neodsduyyévotc 12. I'B
doa V. elol avppergor B, corr. m. 2. pév] supra scr. m.
1 F 13, 8’ BFV. 1s. AA] corr. ex 44 m. rec. P. 16,
JM} Ma BVb, “4’M F. 17. ATBP. 18, éont] om.
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LXTIL

Quadratum majoris rectae rationali adplicatum la-
titudinem efficit rectam ex duobus nominibus quartam.

Sit maior 4B in I' divisa, ita ut sit 4I"> I'B,
et rationalis sit 4E, et quadrato .4 B? aequale rectae
a4 KM N H A4Eadplicetur parallelogrammum
‘ ' A4Z latitudinem efficiens 4 H.

dico, 4H ex duobus nominibus

E 84 & Z guartam esse.
4 F B comparentur eadem, quae in
superioribus demonstrationibus. et quoniam .4 B maior
est in I" diuisa, 4T, I'B potentia sunt incommensu-
rabiles efficientes summam quadratorum rationalem,
rectangulum autem medium [prop. XXXIX]. iam quon-
iam AI'* 4+ I'B? rationale est, 4.4 rationale est.
quare 4 M rationalis est et rectae 4 E longitudine
commensurabilis [ prop. XX]. rursus quoniam 2 AI'><I'B
medium est, hoc est MZ, et rectae rationali M4 ad-
plicatum est, etiam MH rationalis est et rectae JE
longitudine incommensurabilis [prop. XXII]). itaque
4M, MH longitudine incommensurabiles sunt [prop.
XIII]. quare 4 M, MH rationales sunt potentia tantum
commensurabiles. ergo 4H ex duobus nominibus est
[prop. XXXVI].

demonstrandum, eandem quartam esse.

iam eodem modo, quo antea, demonstrabimus, esse

Theon (BFVD). MA] corr. ex M4 m. rec. b, M4 BF.
Deinde add. mapdxeizar Theon (BFVY), 19, dozdw V. 20,
dotty P. AM] Mecorr.m 1 F. Ante af del. xa¢ F.  21.
&oa] om. P. " 28. 8] om. P. 24, Oy rois medregov dmi-
loyrovueda, 6re Theon (BFVD).

Euclides, edd. Heiberg et Menge. IIL 13
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% AM tijg MH, xal 6t 160 vno 4K M loov éotl t6
and tig MN. émsl ovv aovppstody dom vd émd Tijg
AT ¢ énd vijg I'B, dovpusroov oo dotl xal
40 vg KA dove dovpustgos xal 3 AK vf KM
5 fotw. fav 0} dar dvo svdelar &vidol, T 0% Terdero
péoer Tov amd tijg Adogovog loov mepalinAdyeappov
wage Ty pelfove megafindy éAAdsimov elder vevpe-
ydvo xol &l dovpperoa avryy Oiaefl, N pelfov Tis
éldaoovog psttov dvvisstan £ and acvuuérgov favry
10 pijxers § AM &ga viig MH peifov Svverar v dmd -
acvppéroov favrf. xal elow af AM, MH {$yral dv-
vapst ubvov ovpperpor, xal 9 AM ovpusteds dote
T éxxcpévy $qrq tjj AE.
‘H 4H g éx 6vo dvopdroy éotl vstdgry’ Gmep
16 &5t Oetbar.
£o.

To émo tijg ¢nrov xal péeov Svvaplvng ma-
o $nTiv wapafaiiopcvov miarog morel Ty éx
dvo dvopdrov xéunTyy. )

20 "Eotw {nvov xal pisov dvvepévy 9 AB dugenuivy
&y tag evdsleg xava vo I', dove pelfove elvar thy
AT, el éxxelodo ¢niyy q AE, xel ve and tijs AB
loov mape Ty AE mogafefiiobo 1O AZ mAdrog
nocovy thy AH' Adyw, 6ve § AH éx 8Yo dvopdrov

25 fotl mipmey.

1. zijg] ©f V? MN BV. owno tév V. AKM] supra
add. K V. 8. 76] corr. ex ta? F. 4. dodpperoog] om.
Theon (BF VD), KM dovppeteos #ory Theon (BFVD).

6. daiv BF. ~ 6. Post lsov del. mape tojw pelfova F.  mog-
guﬁnléyquppov] om. V. 7. mapa vy pelfova] om. Fb, m.

8. el F, Srarger prxee V. 10. 4M] corr. ex
A4H F. 11, gvppérgov F. 18, JE] corr. ex 4H F. 14,
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AM> MH, et AK>< KM = MN? iam quoniam
AI?, I'B? incommensurabilia sunt, etiam 46, KA
incommensurabilia sant. quare 4K, KM incommen-
surabiles sunt [V, 1; prop. XI}. sin datae sunt duae
rectae inaequales, et quartae parti quadrati minoris
aequale parallelogrammum maiori adplicatur figura
quadrata deficiens et eam in partes incommensurabiles
diuidit, major quadrata minorem excedit quadrato
rectae sibi incommensurabilis Tprop. XVIII). itaque
4 M?® excedit MH? quadrato rectae sibi incommensu-
rabilis, et 4M, MH rationales sunt potentia tantum
commensurabiles, et 4 M rationali propositae JE
commensurabilis est.

Ergo 4H ex duobus nominibus quarta est [deff.
alt. 4]; quod erat demonstrandum.

LXIV.

Quadratum rectae spatio rationali et medio aequalis
quadratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam.

Sit 4B recta spatio rationali et medio aequalis
quadrata in I' in rectas diuisa, ita ut 4I" maior sit,
4 KM N H etponatur 4E rationalis, et qua-
drato 4B* aequale rectae JE
adplicetur 4Z latitudinem effi-

E €4 & Z giens 4H, dico, 4H ex duobus
———— f———r| o . .
4 ' B  nominibus quintam esse.

onse £0u 8eifau] comp. P, om. BFVb, 17, na%postea ins,
m, 1F. 20 ¢y F,sed corrr % 4B]m. 2 V.

13*
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Kotsoxsvdodo ta avra tolg med todrov. émel odw
¢nrov xal péoov Ovvaepévy éotlv 1 AB dujenuévy
xeze to Iy al AT, I'B dpa dvvapss eloly aevpustgor
nowovGaL TO pdy cuyrelusvov éx 1oV ax adrov Terea-

5 pdvov uéoov, to & U avrdv Gnrdv. émel odv pi-
oov dotl TO Gvyxelusvov éx tev amd tav AI, I'B,
péoov dga fotl 10 AA° Bove Gnr) deviv ) AM xel
urxse aovppsteog tfj A E. mdlw, énel gnrov dote to
dlg 9mo 1év AI'B, vovréon 16 MZ, éqey apa § MH

10 xel ovppsroos tfj JE. dovupsrgog Gox § AM
MH of AM, MH cpa {nval eloe Svvaper pévov
ovupergor éx 0vo dga Svoudrov fotly  AH.

Aéyo 84, ovr nal wéuwry.

‘Opoimg pap dsydjoerar, 8vi 6 Umd tdy AKM

16 loov éatl v amd tig MN, xal aedpustoos § 4K i
KM pixee 1 AM &oa tiig MH petfov dvvarar e
and acvppéroov éavry. xal elow ol AM, MH [¢y-
tal] Svvdpee uévov evupetgor, xal v éldedov § MH
ovupergog tf AE pijuse.

20 ‘H 4H é&pa éx 0vo dvoudrav &orl méumen® Omeg
e detko.

£,

To émd tijg dvo péoe Svvepfvys maga §7-
v negafallopevov midrog moiel Ty éx dvo
25 OvoudToy Extyv.

"Eotm 0vo péoa Svvauévy 7 AB dugonuévy xere

w0 I, ¢qry % fotw 3 AE, xal mepd vy 4E tg
1. xazaonsvaodeo V. Deinde add. yde FV.  mpé rodror]
zgotspor, corr. m, 2, F, 4. retedyovov F, corr. m. 2. 6.

7. el 76 b. 8. zj] 7 b, 9.41" I'B B et corr.

in 4BI" V. 10. Post JE add. pgniner m. 2 'B. 11. 4M)]
in ras. V. 17. ovpuérgov, sed corr., BFb. éntal] om. P,
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comparentur eadem, quae antea. iam quoniam
AB recta est spatio rationali et medio aequalis qua-
drata in I diuvisa, 4T, I'B potentia incommensurabiles
sunt efficientes smmmam quadratorum mediam, rect-
angulum autem rationale [prop. XL]. iam quoniam
AT 4 I'B? medium est, 44 medium est. itaque
A M rationalis est et rectae 4 E longitudine incommen-
surabilis [prop. XXII]. rursus quoniam 2 A4I'>< I'B,
hoc est MZ, rationale est, M H rationalis est et rectae
4E commensurabilis [prop. XX). itaque 4 M, MH
incommensurabiles sunt [ prop. XIII]. quare 4 M, MH
rationales sunt potentia tantum commensurabiles. ergo
A4H ex duobus nominibus est [prop. XXXVI].

iam dico, eandem quintam esse.

nam similiter demonstrabimus, esse 4K >< KM=
MN?* et 4K, KM longitudine incommensurabiles, itaque
A M? excedit MH? quadrato rectae sibi commensura-
bilis [prop. XVIII]. et 4M, MH potentia tantum
commensurabiles sunt, et minor MH rectae 4E lon-
gitudine commensurabilis est.

Ergo 4H ex duobus nominibus est quinta [deff.
alt. 5]; quod erat demonstrandum.

LXYV.

Quadratum rectae duobus spatiis mediis aequalis qua-
dratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus sextam.

Sit 4B recta duobus spatiis mediis aequalis qua-

m 2 F. 20. 4H] 4M PBb, 4H in ras. V, mut. in 4 M
m. 2 F.  Gmeg £8s1 deife] comp. P, om. BYb,  27. 8’ b.
wijv] $nery v F. 1] corr. ex 7o m. 1 F.
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and tijg AB loov magafefiicdeo 0 AZ widrog
nowotw Ty AH' Adyw, 6te 7 AH éx dvo dvopdrav
dotly Exr).

Kevsoxcviodom pap ta avra tolg medrspov. xal
émel ) AB dvo péea Svvapdvy éovl dipenuévy xave
w0 Iy af AT, I'B &pa dvvdaus &loly dedupergor
motovieaL t6 te ouyxclusvov éx TGV GX altev TeTea-
yovoy uésov xal 10 VT avtdv pioov xal Fri dovu-
BETQOV TO éx TAY an’ aAUTGY TETERYWBY@YV OUpXELUsvOV
0 UF aUTdv @OTe xeTd Te mEodedsiyudva widov
dotlv éxdrsgov tov AA, MZ. xal maga ¢nrav Thv
AE mogoxatar $nrh) Goo Eotly fxavéga tdv AM,
MH xal dovupsrgog 5] AE prpxse. xol émel dovupe-
Todv iomi ©0 ovyxslusvov ix tav and vév A, I'B
t6 dlg Omd vév A, I'B, dovuucrgov &pa dorl o
44 ©¢ MZ. dovppcrgog Foo xal 1 AM <j MH"
af AM, MH &ga ¢$yral eloe Svvduer udvov evuue-
tpor® éx 0V0 dpa Svopdrov éotlv § AH.

Aéyo 8%, Otv xal Exvy.

‘Opolwg 87 moiv dectopev, t1 ©d Vmo tov A KM
loov éotl td amd trig MN, xal Su § 4K w5 KM
piixee Eotly devpperpog xal ik ta avva Oy § AM
viig MH uetfov dvvatar t@ amd dovupérgov favty
pixer. xal ovderépa tdv AM, MH cvuuerpos éore
Tj] éxxaudvy éneyj ©ff JE pijxe.

1. foov] loov mopallnldyeappoy V. 4. xataoxsvasdw V,

sed corr. = 5. dv0] & corr. ex u F. 6. AT T4 F. 9.
©o ovyxslpevoy éx tav am’ adray terpaywvwy Theon (BFV D).
10. 5] 65 éx téy P.  1d] om. b.  mpodedadaypéva P,
corr. m. 1. 12. mwoganervras P, doziv] doti xel BFVD.
16. éoety P, 16. MZ] corr. ex M’ m. 1 F.  17. 4M]
corr. ex AM m. rec. P. ~ 19. 3] om. BV.  20. 84] yde
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4 KM N H drata in I' divisa, JE autem
’ l rationalis sit, et rectae 4E qua-
k T drato 4 B? aequale adplicetur 4Z
ey latitudinem efficiens #H. dico, #4H
4 I' B ex duobus nominibus sextam esse.
comparentur enim eadem, quae antea. et quoniam
AB recta est duobus spatiis mediis aequalis quadrata
in I dinisa, 4T, I'B potentia incommensurabiles sunt
efficientes summam quadratorum mediam et rectangulum
medium et praeterea summam quadratorum rectangulo
incommensurabilem [prop. XLI]. quare ex iis, quae
antea demonstrata sunt, 4.4 et MZ media sunt. et
rectae rationali 4E adplicata sunt. quare utraque
AdM, MH rationalis est et rectae 4E longitudine in-
commensurabilis [prop. XXII]. et quoniam 4I™ -+ I'B?
et 2 AI' >< I'B incommensurabilia sunt, 44 et MZ
incommensurabilia sunt. quare etiam 4M, MH in-
commensurabiles sunt [VI, 1; prop. XI]. itaque 4 M,
MH rationales sunt potentia tantum commensurabiles.
ergo 4H ex duobus nominibus est [prop. XXXVI].
iam dico, eandem sextam esse.
iam rursus similiter demonstrabimus, esse 4K >< KM
= MN?, et 4K, KM longitudine incommensurabiles
esse. eadem igitur de causa 4M? excedit MH? qua-
drato rectae sibi longitudine incommensurabilis [prop.
XVIII). et neutra rectarum 4 M, MH rectae rationali
propositae 4 E longitudine commensurabilis est.

A

Theon (BF VD). =aiiv] om. V. Deinde add. vois med rovrov
Theon (BFVb).  Gzt] supra scr. F. 21 XM] MH F, corr.
indKMH m. 2. 22. dix tavra BV. 28. ovpuérpov BF,
sed corr.
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‘H AH &pa &x dvo dvopdrov otlv Exvy omep
s Oetbar.

k"

‘H tf} éx 8vo dvoudrov pixe 6vpperoog xal
avty éx O0vo dvoudrwv gorl xal tfj tdker 9
adri].

"Eotw éx dvo dvoudrov § AB, xal tij AB mixe
ovppergog éotw 5 I'd” Adyw, Gve ) I'd éx dvo dvo-
pdrov fotl xal v vebe §) avry v AB.

"Emel yag éx 8vo dvopdrov fotlv 1) AB, dipericdae
&lg Te Svopare xare to E, xal éotw peifov Svopa zo
AE' of AE, EB &g« ¢nral el6c dvvdpee uovov evu-
peroor. yeyovétm wg 7 AB meog v I'd, otrwg %
AE mpdg vy I'Z* xal dowxn) dea 71 EB mpog Aotwyw
my Zd dorwv, og ) AB mpds iy I'd. evpuergog
0 7 AB tij I'd pijxee’ ovpperpog dpa éotl xal 4 piv
AE =i T'Z, 7 0% EB tj} ZA4. el &loe ¢yrel of AE,
EB- ¢nral apa &lol xal af TZ, ZA. xel [énsl] dotiv
og § AE meog I'Z, 7} EB mgog Zd. dvaddat éGoa
éotlv wg % AE mpog EB, 9 I'Z meog ZA. ol 8%
AE, EB dvvape pévov [elol] cvupergor’ xal of I'Z,
Z 4 &pa dvvdus. povov elal avupetgor. xal &l gnrad:
& 8vo Gga dvopdrav fotlv y I'4.

Aéyw 0, oo vij vake éotly 9 avry vij AB.

.1 omeo 32t deifon] comp. P, om. BFVb. 6. foriv P.

Q
7] m.2B. 7.7 — 8. dvoparwy] mg. m. 2 B, 11. Svopa]
om. V. 14. I'Z] mut. in BZ b.  xaf] in ras. V. 15.
Z4] 4Z FV. I’A} corr. ex Ed4 F. avppergog — 16.
piwes] m. 2B. 18, fov{] om. b, m. 2 B.  17. ZJ] corr.
ex 4Z V. of AE, EBjmg. m. 2 V. 18. eloly B. ~ énel)
om. P, 19. meo¢ I'Z — 20. AE] mg. m. 2 B. 19, wij» T'Z
BYV. TI'Z — mg6s] supra ser. F. 1y Z4 V.  aga] om. F.
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Ergo 4H ex duobus nominibus sexta est [deff.
alt. 6]; quod erat demonstrandum.

LXVL

Recta rectae ex duobus nominibus longitudine com-
mensurabilis et ipsa ex duobus nominibus est et ordine
eadem.

Sit 4B ex duobus nominibus, et I'4 rectae 4B
4 E B longitudine commensura-

‘ i : , bilis sit. dico, I'd ex
4 duobus nominibus esse et

r 2
ordine eandem ac 4B.

nam quoniam 4B ex duobus nominibus est, in E
in nomina diuidatur, et maius nomen sit 4E. itaque
AE, EB rationales sunt potentia tantum commensu-
rabiles [prop. XXXVI]. fiat[VI,12] 4B:'d == AE:I"Z.
itaque etiam EB:Z 4 == 4AB:I'4 [V, 16;V, 19 coroll.].
unerum AB, I'd longitudine commensurabiles sunt.
itaque etiam A4 E, I'Z et EB, Z4 longitudine com-
mensurabiles sunt [prop. XI]. et 4E, EB rationales
sunt. itaque etiam I'Z, Z4 rationales sunt. est
autem AE:I'Z = EB:Z 4 [V, 11]. itaque permu-
tando [V, 16] AE:EB~=IZ:ZA4. uerum AE, EB
potentia tantum commensurabiles sunt. itaque etiam
I'Z, Z 4 potentia tantum commensurabiles sunt [prop.
XI]). et sunt rationales. ergo I'd ex duobus nomi-
nibus est [prop. XXXVI].

iam dico, eam ordine eandem esse ac .4 B.

20. ofitwg 5 I'Z V. 21. elo(] om. P, 28. I'd] 4 in
ras. V. 24 87] om. V.  8u) ow xaf BFV,
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‘H yap AE tijg EB pelfov dvvarar 7jvoc té amd
poupérgov favrf 1 Td dxd dovuuéreov. & plv odv
7 AE tijg EB petfov dvveraw g amd ovppéroov
éavrfj, xal 5§ I'Z tijg Zd pstfov dvmjdstar 1 and
ovupuérgov favry). xal & ulv ovpuereds fotw 7 AE
vf) uxspévy fneii, nel § I'Z ovpuergog avefj éoteu,
xol Sua Tovro Exavépe tdv AB, I'd éx dvo dvoudrav
dotl mewiTy, TovrdeT. vij tafs % avvy. & 0  EB
ovpueTeos fote T dxnepévy nui, xel 7 ZA4 ovp-

10 uetedg fotiy avrfj, xal e tovro mdlwv tij take 7
avty éotar 1) AB Exatépe pop atrov E6tar éx dvo

15

20

dvopdroy dsvrépa. & 6% ovdsrépa tov AE, EB cvu-
peteds éoty i} éxnspévy Gnrhi, ovdevépa taov I'Z, Z A
ovppetgog avry éorau, xal detiv éxavdpa toln. & OF
7 AE tij¢ EB petfov dvvarar ¢ amd devpuirgov
éovry, xal 9 I'Z vijg ZA petfov Svvaror th and dovyu-
uéroov éavrf). xal & ulv 7§ AE ovuusteds ot T
éxxepévy ey, nel § I'Z ovppereds oty adrfl, xaw
dotwv Exarépe tevdgry. & 0t ) EB, xal 9 Z A, xel
forar éxavége méumry. & 0% ovderépa tov AE, EB,
xel tov I'Z, ZA4 ovdstépa ovuperods fove i éxxsi-
uévy Onry, xel éotar éxetége ExT.

"Qore 7 tf] éx 0Vo Gvoudiwy pixs GvupsToog éx

1. AE] corr. ex AB m. 2 F. ziig] corr. ex rjj m. 2 F.

2. dovppireov] corr. ex svppiteov m. 2 B. &l] corr. ex
nV. 8. tig]corr.extjm 2F. ¢ v%p.stgov b, ¢- supra
add. m. 2 F. 4 rr]gJ corr. ex jj m. 2 V. v

wijonzan b.  B. dovppfrgov Fb. 7. I'd] postea add. F, dein
del. BI. 8. &l] postea ins. F. 9. 4Z Fb. 10. Post
doriv del. ) m. 1 tovro] corr. ex vob m. 2 F. 11 forau]
(alt) éom b, om. V. 12 éaﬂ Sevréea V. &' F. 13, ovdk
0vdsrépu BF. 14. toltn) g b, &l 3t 7] 8éb. 15,
z7j¢] corr. ex tjj m. 2 F. ovppérgov BF, sed corr.  16. Z 4]
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nam AE*® excedit EB? aut quadrato rectae sibi
commensurabilis aut incommensurabilis. iam si AE?
excedit EB? quadrato rectae sibi commensurabilis,
etiam I"Z? excedet Z 4% quadrato rectae sibi commen-
surabilis [prop. XIV). et siue 4 E rationali propositae
commensurabilis est, etiam I'Z ei commensurabilis
erit [prop. XII]; quare utraque 4B, I'4 ex duobus
pominibus prima est [deff. alt. 1], hoc est ordine
eadem. siuve EB rationali propositae commensura-
bilis est, etiam Z 4 ei commensurabilis est [prop. X1II];
quare rursus ordine eadem erit ac .4B; nam utraque
earum ex duobus nominibus secunda erit [deff. alt. 2].
giue neutra rectarum 4E, EB rationali propositae
commensurabilis est, neutra rectarum I'Z, Z 4 ei com-
mensurabilis est [prop. XIII], et utraque tertia est
[deff. alt. 3]. sin AE?® excedit EB? quadrato rectae
sibi incommensurabilis, etiam I'Z? excedit Z £ qua-
drato rectae sibi incommensurabilis [prop. XIV]. et
siue A4E rationali propositae commensurabilis est,
etiam I'Z ei commensurabilis est [prop. XII], et utraque
quarta est [deff. alt. 4]. siue EB, etiam Z 4 commen-
surabilis est, et utraque quinta est [deff. alt. 5]. siue
neutra rectarum A4 E, EB, etiam neutra rectarum I'Z,
Z 4 rectae rationali propositae commensurabilis est,
et utraque sexta est [deff. alt. 6].

Quare recta rectae ex duobus nominibus longitu-

4Z F.  dvwjosrras Theon (BFVD). ovpuérgov BF, sed
corr. 17, éozt — 18. §nrjp] e corr. F. 19. oty ] supra
ser. m. 1 P, #oreu FVD, 7] (prius) m, 2 P. xal fovar
énatéoa wépmry] mg. m. 1 P,
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dvo Svoudtov Zotl xal Ti tafe 7§ avry Omep s
Seltout. ,
&8

‘H tfj éx dvo péoov pixet gvpuergos xal .
5 vty éx 0vo péowv dotl xal v7 tdkel ) adrij
"Eorw éx 0vVo uéeav 7 AB, xol vij AB evpuergog
éora wixee ) T4 Aéyw, 6t ) I'd éx 0vo péomy éorl -
xal ©f ke 7 avry vfj AB.
'Enel pop & dvo péowv fotlv v AB, dinencde
10 &lg Tog péoag xeve 1o E° of AE, EB &pa uéoar &lol
dvvdpss udvov ovupsrgor. xal ysyovétw dg 7 AB
neog I'd, 1§ AE modg I'Z* =xal Aowwy deex 7 EB
weog Aowyy Ty Zd donwv, @g v AB mpds I'4d.
evppetpog 0 7 AB 1fj I'd wins® ovuperpog oo
15 %l éxevége vov AE, EB éxavépe tov I'Z, Zd.
péoar 0% af AE, EB* péoor dga xal af T'Z, ZA. xal
énel édovy og 7 AE mgog EB, 7 I'Z medg Zd, of
0% AE, EB Svvdpec povov evpuergol &loiv, xal af
I'Z, Z4 [&ga] dvvdpe pévov cvuperpol elow. &0siy-
20 dnoav 0t xal péoar n I'd &ga & 0vo péemv lotiv.
Aéyar &1, otr xal 1] taker ) avry dove v AB.
’Enel pip dotiv aog 7 AE mpdg EB, 7 I'Z mpdg
Z4, xal og dga tO and tijg AE mdg 10 Umd Tdv
AEB, otrwg 10 and vijg I'Z mpog to vnd rév I'Z 4"
o5 évadlaf wg 16 and tijg AE meog to dnmd tijg I'Z,
. 1. Gmsg &8st deifen] om. BFVD. 3. £2') 'inras. F. 4.
7] m. 2 B.  xel avryy]} om. Theon (BFVD). 7. 9. T4
pinee V., 8. AB] B4 P. 9. digonuévny Theon (BFVD).
10, els] & V. AE] EA P. eloly P, 12. tp» T'a V.
gy T'ZV. 18, Zd4]|inras. V, 4ZB. wpw T'da V. 14
dmf-imstooc 3é b, sed corr.  16. xal 5 pty AE vj I'Z (ZI F),

% 8¢t EB tfj Zd (corr. ex AZ V) Theon (BFVb). 18. péoas
8¢] ual elor péoas Theon (BFVD). xal ef] xalb. 17. 4E]
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dine commensurabilis ex duobus nominibus est et
ordine eadem; quod erat demonstrandum.

LXVIL

Recta rectae ex duabus mediis longitudine com-
mensurabilis et ipsa ex duabus mediis est et ordine
eadem.

Sit 4B ex duabus mediis, et rectae 4B longitu-

dine commensurabilis sit I'd. dico, I'4 ex duabus
mediis esse et ordine eandem ac 4 B.
4 E B nam quoniam 4B ex duabus mediis est,
' in E in medias diuidatur. AE, EB igitur
I Z4 mediae sunt potentia tantum commensura-
biles. et fiat 4B:I'd = 4AE:I'Z [VI, 12]. itaque
etiam [V, 19 coroll; V, 16] EB:Zd = AB:I'4.
verum 4B, I'd lougitudine commensurabiles sunt;
itaque etiam utraque 4 E, EB utrique I'Z, Z4 com-
mensurabilis est [prop. XI]. uerum AE, EB mediae
sunt. itaque etiam I'Z, Z 4 mediae sunt [prop. XXIII].
et quoniam est AE:EB=IZ:Zd, et AE, EB po-
tentia tantum commensurabiles sunt, etiam I'Z, Z4
potentia tantum commensurabiles sunt [prop. XIJ.
demonstrauimus autem, easdem medias esse. ergo I'A
ex duabus mediis est.

iam dico, etiam ordine eam eandem esse ac .4B.

nam quoniam est 4E:EB=TIZ:Z 4, erit etiam
[prop. XXIlemma] AE?: AEXX EB=TIZ2%:TZ><Z 4.

ABB. i EBY. tipZd4 V. 18. slel cvppereor BFVD.
19. &ou] om, P.  elol ovppetgo BFVD. 20. AT'F. lout
BVb comp. F. 22. iy EB BV. odtag 7 F. rz
4F. 2. wwZaV,ZAF. 24.IZ)2I'F. TIZ4
supm scr. Z m. 2 V. 25, o) doo wg F.
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ottwg 10 vwd tov AEB medg 1o vmo tov I'ZA.
ovppetgov 0% 1o and tijs AE 6 and wijg I'Z* ovu-
pergov dge xal ©0 vmo 1év AEB 6 Ond tév I'ZA.
elte ovv oy fove ©d Vmd thv AEB, xal ©d Umo
tov I'ZAd ¢nrov éovww [xal G tovrd Zovww éx dvo
uyleov moary). elte uéoov, péoov, xal deviv éxntépe
devtépe.

Kol 8w tovro forar m I'd tf AB tff vdke 7
avry)” Omep E0e OstEa.

&',

‘H vff pellove ovpuergog xal advry pelfov
iotiv.

"Eore peltov 1 AB, xal vfj AB edpusrpog Eorw
n I'd" Aéyw, 0v 1 I'd pelfov oriy.

Adupgricdo 7 AB xetd ©0 E° of AE, EB dga
dvvdpe eloly aovuueTpor moLovear TO pdv Suyxslisvoy
& thY an’ avtdy Tergaydvay §nrov, 16 8 vn’ avrav
uéaov: xel peyovérm té avre vols medregov. xal émel
doty &g 1) AB medg vy I'd, olrwg 7 16 AE mpls
v I'Z xal 9§ EB mpog v ZAd, xal og dga ) AE
ngog iy I'Z, otvwg 1) EB mpdg iy Z 4. ovpucrgog
0 ) AB ) I'd" odppcrgog dga xal éxavépa 16V
AE, EB éxatéoe tav I'Z, ZA4. xal éxel oty g 7
AE mpog v I'Z, oVrwg v EB mog tqv ZA, xnal
dvailat g 4 AE meds EB, ottmg § I'Z modg Z A,
xel ovvdévr dea éotlv wg 1) AB medg iy BE, oltwg

1. T'Zd] 4 in ras. m. 1 b; I"dZPy I'z4 mg. m. 1.

2. 8é] corr. ex doe m. 2 F, 76 — 8. doe] mg. m. 2 F. 4.
fozww B. 5. fotee BFb. ol —6. mestp] om. P. 6. dovir]
comp. post ras. 1 htt F, E'o‘:ou V. 8. eite péoov 10 Omo To¥
AEB, péoov xal 16 9mo twv I'Z4 Theon (BFVb). 8. forai]
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permutando[V,16)erit AE®*: I'Z' = AE>< EB:I'Z><Zd.
uerum A E2 I'Z*® commensurabilia sunt. itaque etiam
AE>< EB, I'Z >< ZA4 commensurabilia sunt [prop.
XI]. itaque siue 4E >< EB rationale est, etiam
I'Z >< Z 4 rationale est; siue medium, medinm est
[prop. XXIII coroll.], et utraque secunda est [prop.
XXXVII—XXXVIH]

Ea de causa I'4 ordine eadem erit ac 4B; quod
erat demonstrandum.

LXVIIL

Recta maiori commensurabilis et ipsa maior erit.
Sit 4B maior, et rectae 4B commensurabilis sit
I'd. dico, I'd maiorem esse.
dividatar 4B in E. itaque 4E, EB potentia in-
commensurabiles sunt efficientes summam quadratorum
rationalem, rectangulum autem medium [prop. XXXIX],
_ _r ¢t fiant eadem, quae antea. et quoniam est
AB:I'd = AE:I'Z ¢t AB:I'd4 =EB:ZA4
z [cfr.p.204,118q.}, erit etiam AE:I'Z==EB:Z A4
Erl, [V, 11]. uwerum 4B, I'4d commensurabiles
B:[ sunt. quare etiam utraque 4 E, EB utrique
I'Z, ZA4 commensurabilis est [prop. XI]. et

om, Vb, =xel /i BFVb, TI'g] Adb. 9. omep £3au Gsl.gau]
comp. P, om. BFVb. 10. £n'] & seq. ras. 1 litt. F.
elfovi] o eras. b, 14. 6u xal BFb. 'd] 4 post ra.s 1
ﬁtt b. ot/ PV, comp. Fb; éoti xal B. 16. 4E] corr. ex
4B F. ~ EB] m. ree. P. Gez] m, 2 F. 17. 8°] 8¢ F.
on’ ummv] corr, ex vmo tov m. 1 P. 18. xel syovsun
yeyovétm yog P. ~ 19. ve] om. F. 20. EB] BE' iy
om. P,  xal d¢ &pe] fotv dox xal dginras. V. 5 AE — 21
Z4A)inras. V. 21.TZJEBV. EB]JTZV. wp]onm.
Bb. 22, 4B] corr. ex EB m. 2 F. 24. 7] (alt) om. P.
25. tiy EBV. v Z4 V.
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n I'd mgog iy AZ° xal dg o td amo tijs AB
npog 10 amo tiis BE, otrwg 1o amd s I'd medg ©o
dno tijg AZ. OSpolmg 8% dslousy, Otrv xal g TO amd
vijs AB medg 10 axd tijg AE, obrmg 0 and tijg I'd
6 weog 10 and vijg I'Z. xal dg &oo ©d amd tijg AB
n@ds 16 and vdv AE, EB, otrwg o axd tijg I'd
ngds ta and téy I'Z, ZA* xol évallek doo éotiv
wg 70 amo g AB medg ©d dmd viig I'd, otrmg Ta
and tov AE, EB mgog t& and tov I'Z, Zd. ovy-
10 pergov OF 0 and tijg AB 6 and tijg I'4" evpueroe
doa xal ta awd tov AE, EB rolg and tév I'Z, Z 4.
xel dove v& and tov AE, EB dua $yrov, xal o dmd
1oy I'Z, ZA4 Gua §yrév dotww. Ouolmg 0t xal 1o dlg
vno vév AE, EB ovppetedy dove té dlg vmd tov
168 I'Z, Z4. xal v péoov 70 8lg vwd rév AE, EB-
péoov oo xal vo 8lg vmd vowv I'Z, ZA. el 'Z, Z4
dga Svvdpst aovupetgol &loe motovoar T pdv Gvyxsl-
uevov & ToY dx avtdv terQaymvev dua $nTov, TO
0% Olg Ux’ avvdv péoov: Oiy dea ) I'd &loydg derv
20 7 xadovuévy pslfov.
‘H &pa tfj peltove ovupsrgog psliov foviv: Omep
&0eu Oettau.
£9'.
H tfj §nrov xal géoov Svveudvy ovupsreog
[#al adzy] én1ov xal uéoov Svvaudvy dotiv.

o
=

1. oy 4Z] 4B mut. in 4Z m. rec. P; oy Z4 FV. 3
4Z) Z4 F. 4. 16 dmo tijg I'd meds] m.rec.P. 5. 73] (alt)
e corr. V. 6. ta] ©6 Fb, et B, corr. m. 2. 7. zd] z¢ PFb,
et B, sed corrr I'Z} I'd F. 8. ta] v¢ F, et B, sed corr.

9. ze] 76 F, et B, sed corr. I'Z} EZ b, et F, sed. corr.;
I'inras. B. 11. 4E] A ecorr.b. TIZ] EZ b, et F, sed
corr. 12, zd] 6 F. ~ zd) ©é PF. 18, forex V. 16, naf
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quoniam est A E:I'Z==EB:Z A et permutando [V, 16]

AE:EB =TZ:Zd, etiam componendo erit [V, 18]

AB:BE=I'4:4Z. quare etiam 4B*: BE'=TI'4*: 42}

[VI, 20]. iam similiter demonstrabimus, esse etiam
AB3: AE? = I'4% : I'Z2,

quare etiam AB3:A4E? 4+ EB = I'4*:I'Z* - Z 2°.

permutando igitur [V, 16]

AB : A = AE® 4 EB*: I'Z% + Z A%
verum A B} I'/* commensurabilia sunt. itaque etiam
AE® 4+ EB? et I'Z? 4 Z4%® commensurabilia sunt
[prop. XI]. et 4E? 4 EB? rationale est, et!) I'Z?
+ Z4* rationale. eodem modo etiam 2 4 E>< EB
et 2I'Z2><Z 4 commensurabilia sunt. et 2 4E>< EB
medium est. itaque etiam 2I'Z >< Z4 medium est
[prop. XXIII coroll.]. itaque I'Z, Z4 potentia incom-
mensurabiles sunt [prop. XIII; efr. p. 206, 15 et 22] effi-
cientes summam quadratorum rationalem, rectangulum
autem medium. itaque tota I'd irrationalis est maior,
quae uocatur [prop. XXXIX].

Ergo recta maiori commensurabilis maior est; quod
erat demonstrandum.

LXIX.

Recta rectae spatio rationali et medio aequali qua-
dratae commensurabilis ipsa spatio rationali et medio
quadrata aequalis est.

1) Post Z4 lin. 18 Augustus non male addidit dea.

dote péooy] péoov 86 V. 16. I'Z) eupra add. Eb. I'Z]
TCinras. m. 2P, suprascr. Eb.  17. sloly dovpusreor BFVh,

eloww P, 19. ) 6An Vb. 21, Gmee #8er deitan] comp. P,
om, BFVb. 24. §nrév] -ov in ras. B,  25. xel adrj] om. P.

Euclides, edd. Helberg et Menge. ITI 14
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"Eotm ¢qrov xel pédov dvvepévy 7 AB, xal j
.AB atppsrgog éotm n I'4" Seixzéov, 8ti xal § I'd
onriv xal uésov Svvapdvy éotiv.

digeriede 7 AB el tag ebdelag xave o E° al

5 AE, EB &pa Svvaue eloly dovpusrgor mocovoar o

piv ovpxeluevoy éx tédv dx’ adrdy tstgay vov péoov,
70 0’ Ox’ evrov fnrdv: xal v avre xevioncvEcH®
tolg mpdregov. Opolwg &7 Odesltouev, Ot xol of I'Z,
Z 4 dvvdps eloly acvuustoor, xal cvpuetgoy 16 piv

10 Svyxeipevov éx thv énd tév AE, EB tg ovpxepdve
éx 1év and tov I'Z, Zd, ©d 0% vnd AE, EB 6 vmd
T'Z, ZA" dorvs xal ©d [pdv] evyxslusvov éx tav axo
tév I'Z, Z A vergaydvay dotl péoov, 1o & Omd tav
L'Z, Z4 §yzév.

15 "Prrov &pa xal uéoov Svvauévy éovly q) I'd" dxep
e detiau. ,

o'.

‘H =5} 6vo uéoa Svvauévy ovuustpog dvo
péoa Svvauivy éativ.

20 'Eovw Ovo péoa OSvvauévn 7, AB, xal 1} AB
ovupergog § I'd* daxvéov, ove xal 1) I'd dvo péoa
Svvauévy ariv.

'Exel pap Ovo péoa Svvaudvy dotlv ) AB, Oug-
Nodw els tag evdelag xata v6 E° ol AE, EB &g
26 dvvdper eloly aovuusTor moloboar T6 TE CUyxEiusvOV
1. xal 7j AB] supra ser. m. 1 F. 2. Jzxréor] léym V

8. {0t/ B, comp. Fb. 7.8 F.  xetacxcvdcdao b 8.

el n V. 11. &’ P. téy AE V. 12. z@y I'Z (corr. ex
TH) V. pév] om. P. 18. zerodyavoy P. 8¢ F. 15.
onco £3s Jsifou) comp. P, om. BFVD. 17. o'] seq. ras. 1
litt. F. 18. ual vy Gvo V. 21. 7] i'o‘tm 1) V. Juuteov]

léiyo V. 51) o B. 24, nare 1o E &l tag e08elag V. &v-
Belog] m. 2 B.
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Sit 4B spatio rationali et medio aequalis quadrata,
et rectae 4B commensurabilis sit I'4. demonstrandum,
etiam I'd spatio rationali et medio aequalem esse
quadratam.

-4 T dinidatur 4B in rectas in E; itaque A4 E,

I EB potentia incommensurabiles sunt effi-

7 cientes summam quadratorum mediam, rect-
’ angulum autem rationale [prop. XL]; et com-
~4 parentur eadem, quae antes. iam similiter
= demonstrabimus, I'Z, Z 4 potentia incommen-
surabiles esse et AE* 4 EB? I'Z% - ZA* commen-
surabilia et 4E > EB, I'Z >< Z 4 commensurabilia,
quare etiam I"Z? - Z 4* medium est, I'Z >< Z 4 autem
rationale.

Ergo I'4 spatio rationali et medio aequalis est
quadrata; quod erat demonstrandum.

-

LXX,

Recta rectae duobus spatiis mediis aequali quadratae
commensurabilis ipsa duobus spatiis mediis quadrata
est aequalis.

Sit 4B duobus spatiis mediis aequalis quadrata,
et rectae 4B commensurabilis I'4. demonstrandum,
etiam I'd duobus spatiis mediis aequalem esse qua-
dratam.
T nam quoniam 4B duobus spatiis mediis
aequalis est quadrata, in E in rectas diuidatur.
1, itaque 4E, EB potentia incommensurabiles
E J sunt efficientes summam quadratorum mediam

4 etrectangulum medium et praeterea 4E* - EB?,

AE > EB incommensurabilia [prop. XLIJ;
14*

-B
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& téy éx’ ovtov [terpaydvev] udoov xel v Un
avtdy updoov xal Fu aovppstoov O ouvyxslusvov éx
rov dno 1ov AE, EB terpaydvov td Ond vdv AE,
EB- xal xavsoxevdodw va avre volg medvsgov. duolmg

5 07 dslbousv, ote xal af I'Z, ZA Svvdue: sloly dovu-
usTor xal ovuusteov vo udyv cvyxslpsvov éx tov dnd
tov AE, EB v ovyxauévep & vdv éno tév I'Z,
Zd, ©d 0% Omd vdv AE, EB v vmd vdv I'Z, ZA"
@6t xal 10 Guyxsipsvov éx rov and reov I'Z, ZA4

10 tergoydvay péoov éotl xal td vmd vév I'Z, ZA péoov
xal &re dovpustgov 0 Ovpxslusvov éx TV AmO TV
I'Z, ZA4 tevgaydvov tg vxd tov I'Z, Z A4,

‘H dgae I'd 8vo péoe Svveuévy fotlv: Omep &des
deitae. ,

15 oa.

‘Pyrod xal pioov ocvvridsuévov téocapsg
&loyor ylyvovrar Tror éx 8vo dvopdrmv 7 éx
dvo péewv modry 9§ peliwv 1 §nrov xal yéoov
Svvauévy.

20 “Eotw ¢yrov ulv vo AB, poov O 0 I'd" iéywm,
0ts 7 10 A4 ywelov dvvepévy fror éx dvo Svoudrav
éotly 1) éx dvo upéowv mearny 1 pelfov 7 fyrov xal
péoov Svvaudvy.

To yee AB zot I'd fjvor pstfdv ot 4 EAacoov.

25 {0t mpdrspov pstlov: xal éxxelodw yry)  EZ, xal

nopafeplicdw mage viv EZ t¢ AB loov 16 EH
widrog mowotw Ty E@ t 82 AT loov mage tv EZ

4

1. zzrgeydvov] om. P.  9x’] mut, in dz’ m.2F, én’b. 8. '

AE] (prius) corr.ex ABm. 2 F. 5. I'Z] inras. m, 1P, 8.
70 8] Gotenaled P. 9. I'd, 4Z P. 12, ﬂﬁg wV. 18.I'd
dox B. I'd] 4 postea ins. V. 3mee Eder eifas) comp. P, om.
BFVb., 15, of’, ff eras. F. 17 ylyvovrai] yévovtas BFVD et,
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et comparentur eadem, quae antea. iam similiter de-
monstrabimus, I'Z, ZA4 potentia incommensurabiles
esse, et 4E* 4 EB? I'Z? + Z4® commensurabilia,
et 4E> EB, I'Z ><X Z4 commensurabilia. quare
etiam I'Z? 4~ Z 4* medium est et I'Z >< Z 4 medium
et praeterea I'Z* - ZA*, I'Z>< Z A4 incommensu-
rabilia.

Ergo I'd duobus spatiis mediis aequalis est qua-
drata; quod erat demonstrandum.

LXXI.

Spatiis rationali et medio compositis quattuor ir-

rationales oriuntar, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata.
4 I E 6 x Sit 4B rationale, I'd
autem medium. dico, rectam
spatio 44 aequalem qua-
dratam aut ex duobus nomi-
! nibus esse aut ex duabus
| Z H I mediis primam aut maijorem
B4 aut spatio rationali et medio
aequalem quadratam.

est enim aut 4B >TI'4 aut 4B <I'4. sit prius
AB>T'4. et ponatur rationalis EZ, et rectac EZ
spatio 4 B aequale adplicetur EH latitudinem efficiens
E@®; spatio autem 4TI aequale rectae EZ adplicetur &I
latitudinem efficiens @ K. et quoniam 4 B rationale est

supra add. y m. 1, P. _4jros] corr. in 7 z& m. rec. P, corr. ex 6

g V,exp F;zeB. 21.49)m. 2F. A4] 4 e cor. V.
%zo] 1 V.  27. 7] corr. ex té m. 1 F. "Post EZ add.

Theon: tovtéor: Ty O H (BFVh). :
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nogafepiiedo o @I mwhdrog mowoty iy OK xal
énel ¢nrov dore ©0 AB xal éotwv lsov to EH, gnrov
doa xal o EH. xal maga [fnryv] viv EZ magefé-

BAyrouw wAdzog mwotody iy E@* 5 EO dga fnre éov .
5 xal ovppergog ) EZ prxer. wmilw, énel péoov fotl

0 I'd xal éovwv loov 1 @I, péoov doa éotl xal

0 @I xal mage §nuiv vy EZ moagdxewtar widrog -

notovy Ty @K $nry dea éotly 1) OK xal aovuppcrgog
tij EZ wixst. xal émsl péoov éotl vo I'd, ¢nrov oF

70 AB, daevppcroov doe éotl v0 AB v I'd* dore

xal 16 EH aevpustedy éove td ®OI. g 8t 70 EH
ngdg 0 @I, ovrag éotly 1 EO medg tyv OK* davpu-
petQog dpa fotl xal 7 E® tff OK pixer. xel elow
duporspor §qrals aof EG, OK aoa $yral elov dvvips

udvov evppergor éx dvo dea Svoudraw éotlv § EXK

diponuévn xave ¢ O, xal émel usifov dere 16 AB
vov I'4, lgov 0% ©o ptv AB ¢ EH, ©5 0% I'd +6
@I, usitov dga xal vo EH tov @I xal 1) E® dga
pelfov dorl tis OK. fror oty 7 E@ vijg @K psitov
dvverar T dmd oGvupiroov fovrii wixst 7 TH dmo
advuuérgov. dvvaode medTegov TG ATO GUuéTeov
Savtfj* xal dovv ) pelfov ) OFE evpustpos v éxxei-
uévy éyrij ©jj EZ+ 5 &ga EK éx 0vo dvopcray dorl

1, ®I) mut.in OH F, I eras. V. 3, ucu’] (pnus) m. 2 F
énrijy] om. P, 4, EO] (prius) ®E F. ey & dozly 5
E® Theon (BFVb). - éotuy P. 6. ®1] I in ras. F. 7.
6©1] I in ras. F. Post nozpaueum add. Theon: rovrien:
(-iv V) mjy ® H (BF VD), 8. &oe] corr. ex foron F. 9.
EZ] Z postea ins. m. 1 V. 4] eras. V. 11. EH] ZH
e corr. V. @Igcorr ex @' P, I in ras. F. 12.01] I
in ras. F. 18. éoziv B. 18. EK] corr. ex E® m. rec. b.
16. Post © ras. 1 litt. B. pelfoy V, sed corr. 18. OI
ITecorr. F. xe/]m.2F. OI] Iinras.F. 20. favrj urjxes
om.V. 21. ¢ovpuéreov] ovuuérew F, corr. m. 2; evpuirgov B,

‘e
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et 4B = EH, etiam EH rationale est. et rectae EZ
adplicatum est latitudinem efficiens E@®. itaque E®
rationalis est et rectae EZ longitudine commensurabilis
[prop. XX]. rursus quoniam I'4/ medium est et '4=@81,
etiam @I medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens ®K. itaque ®K ra-
tionalis est et rectae EZ longitudine incommensurahilis
[prop. XXIT]. et quoniam I' 4 medium est, 4B autem
rationale, 4B et I'd incommensurabilia sunt. quare
etiam EH, I incommensurabilia sunt uerum
EH:0I =E®:8K [V], 1]. quare etiam E®, 8K
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque E®, @K rationales sunt
potentia tantum commensurabiles. ergo EK ex duobus
nominibus est in @ diuisa [prop. XXXVI]. et quoniam
AB>T'4 et AB=EH, I'4=_@0]I, erit etiam EH> 61
itaque etiam E® > @K [V, 14]. iam E®® excedit
®K? quadrato rectae aut sibi commensurabilis aut
incommensurabilis. prius excedat quadrato rectae sibi
commensurabilis; et maior @E rationali propositae
EZ commensurabilis est. ergo EK ex duobus no-
minibus est prima [deff. alt. 1]. EZ autem rationalis
est. sin spatium recta rationali et recta ex duobus
nominibus prima comprehenditur, recta spatio aequalis
quadrata ex duobus nominibus est [prop. LIV]. itaque
recta spatio EI aequalis quadrata ex duobus nominibus
est; quare etiam recta spatio 44 aequalis quadrata
ex duobus nominibus est. jam uero E@* excedat @ K*
quadrato rectae sibi incommensurabilis; et maior E®

corr, m. 2. 22 doriv N dou B. EO F. 23 /] m 2P,
éx] supra scr. b,
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npwry. ¢nry 6t 7 EZ: éav 8} ywelov mepuéynror vmo
énriis xel tiig & dvo Svopdrav moarys, 1 o ywelov
dvvaudvn éx 8vo dvopdrev éetly. 4 &pa to EI dvva-
uévy éx 8vo Svopdrav fotly: dore xal % to A4
dvvaudvy éx 8o Svoudtav detlv. dida Oy dvvdede
% E@ tijg ®K peifoyv ©6 dmo acvupuérgov Savry® xal
doriv ) pelfoy §) EO 6vupstoos v xxepévy Oncy
) EZ wijxec % &ga EK éx 0vo dvopdvov forl te-
vdory. ¢nqvy 0% 1) EZ° éav 0% ywelov meiéynrar vmd
onrijs xal tig éx Vo Svopdrov verderns, % TO ywolov
dvvapdvy &hoyds éoriv 1) xadovpdvy pelfov. 1 doo To
EI ywolov Svvapévy uslfov dorlv: dete xal g 10 A4
Svvaudvy pelfov doviv.

‘Adda &% Forw Elaceov ©6 AB tov I'd" xal 1o
EH &ga éAa6odv dote 1ov O dove xal 7 EO éAdocav
dotl viig OK. 7jvor 0t 7) OK i EO pstiov dvvero
6 amd cvppérgov vt 1 TH dmwo devpufrgov. Sv-
vaodo weitegov T dmd ovuufrgov favrij e xal
dotww ) dAdoooy 1) E@ cvuuevpog vij dnxsipdvy énrii
tij EZ pixe 5 doe EK éx 8vo Svoudrov éorl dev-
tépa. Onyrny 02 ) EZ- {dav 6} yoglov mspiéyyrar Omo
onrijs xal vijg éx dvo ovoudrmv devrépag, % 1o ywelov
dvvaudvy éx dvo udowv éorl medry. % &Goa ©d EI
goglov Svvauévy éx 0vo péowv ot modty' doTe xel
1 10 AAd dvvapdyn éx 0vo péowv dorl mewry. dide

2. ¢nzév V. 3. &x] n én F.  dort P. 7 &ea] corr.
ex mega m. 2 P.  EI]Iin ras. F. 5. dvvapérn] corr. ex
a&vragsw; V. 6. Ante 7 ras. 8 litt. F. @©K] corr. ex 03~ .

pelfoy b. ovppétgov B, sed corr. 7. dotuv]
dozi, supra scr. o, B; foto P. 7] (prius) om. B.  11. peiZow
V, sed corr. 12. EI] Lio ras. F. 15. ©1] OK b et corr.

ex®I'F. E®é&oab. flacsovb.  17. svppérgov — dnd] mg.
m. 1 P.  ovppérgov] dovppétoov V, sed o eras.  aovppirov]
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rationali propositae EZ longitudine commensurabilis
est. itaque EK ex duobus nominibus est quarta [deff.
alt. 4]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus quarta com-
prehenditur, recta spatio aequalis quadrata irrationalis
est maior, quae uocatur [prop. LVII]. itaque recta
spatio EI aequalis quadrata maior est. ergo etiam
recta spatio 44 aequalis quadrata maior est.

iam uero sit 4B <I'4. quare etiam EH < @1,
itaque etiam E® < 6K [VI, 1; V, 14]. uerum &K?
excedit E®® quadrato rectae aut sibi commensurabilis
aut incommensurabilis. prius excedat quadrato rectae
gibi longitudine commensurabilis. et minor E@® ra-
tionali propositae EZ longitudine commensurabilis est.
itaque EX ex duobus nominibus est secunda [deff.
alt. 2). EZ autem rationalis est. sin spatium recta
rationali et recta ex duobus nominibus secunda com-
prehenditur, recta spatio aequalis quadrata ex duabus

AT mediis est prima [prop. LV].
itaque recta spatio EI aequalis
quadrata ex duabus mediis est
B 4 prima. ergo etiam recta spatio
Zz .44 aequalis quadrata ex duabus
H mediis prima est. iam uero 8K?*
1 excedat @E? quadrato rectae
sibi incommensurabilis; et minor E® rationali pro-
positae EZ commensurabilis est. itaque EK ex duobus
nominibus est quinta [deff. alt. 5]. EZ autem ratio-

X oM

ovupérgov BV, sed corr. 19. %] (prius) m. 2 F, om. B. 21,
65'5‘ (alt) m. 2 F. mequéygeroan P.  28. EI] I inras. F. 24,
yoelov]) om. V, 25. A4 yweioy BFD,
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o9 7 OK vijg OF psifov dvvdedo te dnd asvupéreov
favrf]. xel dovww 3 dAdcomv 7 E@ ovpustoog tf éx-
xepévy énrii o) EZ° 7 dga EK &x 8vo Svopdraw
dovl mépmry. $quy 6k ) EZ- dav 0% ywelov meguéynron
om0 gnriig xel tig & 6vo dvopdrov miumryg, 7§ ©
roplov dvvaudvy fnrov xal uéoov duvvepdvy doviv.
7 dpa 10 EI ymelov Svvauévy $nrov xal péoov Ov-
vapévy dotly: dorve xal % 10 A4 ywelov Svvapévy
onrov xal péeoy Svvaudvy éotiv.

‘Pyrov &oe xal péeov cvvnidsudvov véoeages dAoyor
ylyvovras fror éx 8vo dvoudtov 4 éx Vo péeoy medty
7 welbov 1 $nrov xol péoov Svvapdvy' dmep €da deitou.

of’.

dbo péewy dovppiromv dAifjiois ovvTide-
pé€vaov af Aotwal dvo &loyor ylyvovrar fjros éx
0vo péomv deviépa 4 (1] 0vo péoa Svvapévy.

Zvyxelodo pag 0vo uéda acvupctoa dAljdoig Ta
AB, I'd" Aéyw, otv 1) 10 AA yoplov Svvauivy firoc
éx Vo péowv fovl devréga 1) vo péea Svvauiv.

T yap AB vot I'd firor peifov dorww 7 Ehacoov.
form, & vvyol, wedregov uelfov t0 AB vot I'd" xel

1. OE] supra scr. n b, ®H e corr F, E® V (E in ras).
ovupétoov F, et B, sed corr. m. 2 . 1] (prius) om, B, 4
iazf]Fpoatea ins. F, éotiy P. vaap. vn — 8. ymelov] in
9. %tov — 6waywn] mg. m. 2 B. ol PBb.
10. avaloym , sed corr. m. rec. 11, ylvovrae FVb,  fizot
7 V. 129 ¢nov] m. 2 V. Gmee £der dsifen] comp. P,
om. BFVh, 13. oy’, sed corr. m. 2, F. 14. cvmuzpaw, \
corr. m. 2, F. ovvre@évtov Theon (BFVb), cvvridepévoy
supra ser. m. 2 B. 15. Post dvo ras. 2 lith V. ylvorra
Fb, et supra ser. y, V.  &x] % & V. 16, 9] deleo.  17.
avyuela&m FV., 'zdlzo b~ 18. A4] corr. ex I'd m. 2 F.
19. 4] 4 9 P. 21, &l vvzoi] om. Theon (BFVb).
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nalis est. sin spatium recta rationali et recta ex
duobus nominibus quinta comprehenditur, recta spatio
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est [prop. LVIII]). itaque recta spatio
EI aequalis quadrata recta spatio rationali et medio
aequalis quadrata est. quare etiam recta spatio 44
aequalis quadrata recta spatio rationali et medio ae-
qualis guadrata est.

Ergo spatiis rationali et medio compositis quattuor
irrationales oriuntur, aut recta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadrata; quod erat demon-
strandum.

LXXIL

Duobus mediis sibi incommensarabilibus compositis
reliquae duae irrationales oriuntur, aut recta ex duabus
mediis secunda aut duobus spatiis mediis aequalis
quadrata.

Componantur enim duo media sibi incommensurabilia
AB,I'd. dico, rectam spatio 4 4 aequalem quadratam
aut ex duabus mediis secundam esse aut duobus spatiis
mediis aequalem quadratam.

nam aut AB>I'A4 aut 4B<I'd, sit uerbi gratia
prius 4B >I'4d, et ponatur recta rationalis EZ, et

4 r spatio 4B aequale rectae EZ
1 ] adplicetur EH latitudinem effi-
| ! ciens E®, spatio autem I'A ae-
" B 2 quale @I latitudinem efficiens
E Z OK. et quoniam utrumque 4B,

I'4 medium est, etiam ntrumque
EH, &I medium est. et rectae

T
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dxxelodo ¢nry % EZ, xai 16 plv AB loov mege Tiv
EZ nmoagafefiiocdm t0 EH mldrog mowotw tiw EG6,
t@ 8t I'd loov ©o @I midvog mowody iy OK. xal
" ¢nel péoov fotly Exdregov tav AB, I'd, uéeov ige
5 xal éndrvegov tov EH, @I. xal mage ¢y iy ZE
noagdxsiron whdarog oot tag EO, OK' éxarépa doa thy
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udvoy evpustoor® &x 8vo dpa dvopdrav éetlv 1 EK.
fror 0% 5 E® tijg OK upelfov dvwartar té émo ovyu-
16 péroov favrf] 1 6 awd advupuirpov. Ovwdodw med-
tegov T@ amd ovuudroov favr mijxe xal ovderéon
tov E@, OK evuucteds fote tff dxxepévy i th
EZ wixer' 7 EK &pa éx 8vo dvoudrav derl tolty.
¢nrny 0k § EZ° édav 0} ywolov megiéymran Dmd Gnrijs
20 el i € 6vo Svoudrav telryg, N 6 ymelov Svve-
uévn éx Vo péowv dovl devrépa’ %) dpa toé EI, tovr-
dove 10 Ad, Svvapévy éx Vo uéomv éovl devrdpa.
dgile 07 1 E® tijg OK usifov dvvdedw ¢ amo
dovppéroov favrf] pixers xal devpusreds éoTiv éxa-
25 tépa tédv EO@, OK tvij EZ uixei' 5 dga EK #x dvo
Svopdrov éotly &xty. éiv O} yoglov meouéynrar Vmo
onriig xal thig éx O0vo dvopdrev ftng, 7 TO fwElov

L. g gneyp . zg6) corr. ex zd m. 2 P. 2. EH] EZb.

8. Post lsoy add. nege oy OH V, del. m. 2. 4. énel —
doax %o’} om. b. 5. raw] corr. ex ¢ m. 2b. EH] supra
add. & b. ©6I] 6T, supra add. H,b. xellm. 2 F. 6.
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rationali EZ adplicata sunt latitudines efficientia E®,
O K. itaque utraque E®, OK rationalis est et rectae
EZ longitudine incommensurabilis [prop. XXII]. et
quoniam 4 B, I'4 incommensurabilia sunt, et 4B=EH, "
I'd = @®1I, etiam EH, 6I incommensurabilia sunt.
uerum EH:0I == E6: 0K [VI, 1]. itaque etiam
E®, ®K longitudine incommensurabiles sunt [prop.
XI]. quare E®, 8K rationales sunt potentia tantum
commensurabiles. ergo EX ex duobus nominibus est
[prop. XXXVI]. uerum E®? excedit ® K* quadrato
rectae aut sibi commensurabilis aut incommensurabilis.
prius excedat quadrato rectae longitudine commensura-
bilis. et neutra rectarum E®, @K rectae rationali propo- -
sitae EZ longitudine commensurabilis est. itaque EX
ex duobus nominibus est tertia [deff. alt.3]. uerum EZ
rationalis est. sin spatium recta rationali et recta ex
duobus nominibus tertia comprehenditur, recta spatio
aequalis quadrata ex duabus mediis est secunda [prop.
LVI). itaque recta spatio EI, hoc est 44, aequalis
quadrata ex duabus mediis est secunda. iam uero
E®® excedat ®K* quadrato rectae sibi incommensu-
rabilis; et utraque E®, &K rectae EZ longitudine
incommensurabilis est. itaque EX ex duobus nominibus
est sexta [deff. alt. 6]. sin spatium recta rationali et
recta ex duobus nominibus sexta comprehenditur, recta

nogixstte P, magdxsivran V.  mowodvra Vb, 7. OK e V.

dorev P. 8. dodppstgog P, corr. m. rec. éorv P. AB
supra add. H V. ouv]m, 2 F. 10. ngd¢] m. 2 F. 6
w6 F. 11, mgog vy V. 12 eloew P.  14. dovpuéreov V,
sed corr. 15, ovpuérgov BV, corr. m. 2.  18. asvppéreov
V, sed corr.; ¢- supra add. b m. 1. 17. domuw P.  18. zoirn]
corr.Pex ént) m. rec. b, 25. 7fj] corr. ex vijg B.  &x] m.
rec.



Ll L Bl e

10

16

999 ZTOIXEION &'

dvvapévy 1 8vo uéea Svvaudvy doriv: ders xel 7 1o
AAd yopiov dvvaudvy 7 Ovo péoe dvvauivy éotiv.

[‘Ouolws 89 detbopsv, Ove %dv élerrov 5 0 AB
to0 I'd, 7 10 Ad ywplov dvvapévy 4 éx b0 upéewv
devréoa dotly djror dvo péoa Svvauévry).

dvo dge péewy dovppétoay aiifjiog svvtiBsuévoy
af Aomal &vo &Aoyos plyvovrar jror éx dvo pécwv
devtéon 7 0vo péon Svvauév.

‘H &x 8vo dvopdrav xal af ger’ avryy dloyor otrs
tf] uéoy odre dAdjimg eloly of odral. T0 pdv pog
ano péong mape nryy wegafarldusvov mAdvog moisl
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tégav. 0 0% dmd vijg éx 8vo péewv dsvrégag mapa
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pdrov toltyy. TO 0% dmd wijg welfovos mapa GnTiw
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ovoudroy méumryy. to 0 amd rrg dvo péce dvva-
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1. 7 090] 800 BV, dorz naln] e V. 2. ABb. je-
elovJom. V.© 5] om. BFV. ddo] B P, dvom.rec. péoag F,
3. opo:mg — 5. d‘uvapew/] om. P, 4. 10 A4 zm(nov] 1:0
1weloy 20 A4 V. 1)] om. F, 5. fitor 8vo péoa] 7 nzoy
xal yso‘or B. 6. 75 dvoF. 1 yvoviar PFVb. Froc 7 V.
87)]an Gvo]mrasmlP 9. oy’, 7 in ras, F.
at] supra scr. b. 11. ¢xnd i F. 12. ] corr. ex

-
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spatio aequalis quadrata recta est duobus spatiis mediis
aequalis quadrata [prop. LIX]. quare recta spatio 44
aequalis quadrata recta duobus spatiis mediis aequalis
quadrata est.

Ergo duobus spatiis mediis sibi incommensura-
bilibus compositis reliquae duae irrationales oriuntur,
aut recta ex duabus mediis secunda aut duobus spatiis
mediis aequalis quadrata.

Recta ex duobus nominibus et irrationales ab ea
deriuatae neque mediae meque inter se eaedem sunt.
nam quadratum mediae rectae rationali adplicatum
latitudinem efficit rationalem et rectae, cui adplicatum
est, longitudine incommensurabilem [prop. XXII]. qua-
dratum auntem rectae ex duobus nominibus rationali
adplicatum latitudinem efficit rectam ex duobus no-
minibus primam [prop. LX]. quadratum autem rectae
ex duabus mediis primae rationali adplicatam latitu-
dinem efficit rectam ex dunobus nominibus secundam
[prop. LXI]. quadratum autem rectae ex duabus mediis
secundae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus tertiam [prop. LXII). quadratum
autem maioris rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quartam [prop. LXIII].
quadratum autem rectae spatio rationali et medio ae-
qualis quadratae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam [prop. LXIV].

wiy V. 7v] corr.ex fu F. 18. 8] 8" P.  mugafaid-
pevovy P, 1B, vo 8¢ — 19. zolrnv] mg. m. 2 V.  16. wosel]
om V. 17.8{]8 P. 19.68§) 8 P. 218408 P. 23
6] e corr. V. ¢0¢] 8" P. 24 midvog] corr. ex mdvog m. 1 P.
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AB mdg ©o V=6 tév AB, BT, devpuetpov &oua dol

16 76 émd g AB v$ Umd tdv AB, BI. diie to plv
ané tijg AB cdupetpd fote Te and vdv AB, BI te-
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20 dnd I'd, xal Aowwd dpe T axd vijg A devupscrod
éote ta ano vdv 4B, BI. ¢nra 8% ve énd vav AB,

1. za& 8] émel ooy zd Theon (BF VD) st’mps'm]Fsl- )
corr. V. 8. 1zj]om F. 4, 5613(] d7lov og Theon (BF Vb).

b. Seq. dsviéoa tdkic Evéewy ldyoy (om. b) Ty xate dgal-
etciv PBVDb (midetur fuisse in F, sed sust. reparatio); aeyy
Ty xar dpalpsaw Eiddwy m. 2 B.  oy’] postea add. F (ab
initio haec prop. a praecedentibus dirempta non erat). 7.
73] om. b. 9 dowmn] loumi F. 8. 6r: BV, comp. Fbh.

84) 85 B. 9. gnung] duvig F. B I'BF. 1L 5 ®
xalovpérn] xalslobo 3¢ V. 12. dovpperoos] corr. ex &ea
ovpuetgog m. rec. P, ex adp’nreoc m, 2 B. 7y AB wm BI

aovppeteds dom V. 13, up] tag F.  14. dovppsreov] -ov
e corr. V, corr. ex -og m. rec. P. 16. ovuperge — Tdv]
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quadratum autem rectae duobus spatiis mediis aequalis
quadratae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus sextam [prop. LXV]. latitudines
autem, quas significauimus, differunt et a prima et
inter se, a prima, quia ea rationalis est, inter se autem,
quia ordine non sunt eaedem. ergo etiam ipsae rectae
irrationales inter se differunt.

LXXIIL

Si a recta rationali rationalis aufertur potentia
tantum toti commensurabilis, reliqua irrationalis est,
nocetur autem apotome.

A rationali enim 4B rationalis auferatur BI" po-
tentia tantum toti commensurabilis. dico, reliquam
AT irrationalem esse apotomen, quae uocatur.

—_— nam quoniam 4B, BI' longi-

r B tudine incommensurabiles sunt, et

est AB: BI'= AB?: 4B >< BI [prop. XXI lemma],

etiam 4 B* 4B><BI incommensurabilia sunt [prop.

XI]. uerum AB® et AB®- BI® commensurabilia

sunt [prop. XV), et 4B><BI, 2 AB><BI' commen-
surabilia [prop. VI]. et quoniam est [II, 7]
AB* + BI* =2 AB > BI'+ I' 4,

etiam 4 I"%, 4B® - BI™ incommensurabilia sunt [prop.

XIII, XVI]. uerum 4B?- BI™ rationale est. ergo

mg. m. 2 B. 17, 26] vé corr. ex ¢ m. 1 b.  76] 6 b.

18. BI'] e corr. V. el Ensdnmee o] ta dou Theon
(BFVb) 19. loe] dovpueree Theon (BEVD). peta rov
dno I'4] om. Theon (BFVb).  20. xel] in ras. V, ovp-
peree B, corr. m. 2. 21. Post BI" add. Theon: &wel xai rd
¢no tdv AB, BI ioa dotl 16 dlg 926 tdv 4B, BT uera t0d
ano (tod add. V) r'4 (BFVb),

Euclides, edd. Heiberg et Menge. IIL 15
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£8ec deikou] comp. P, om, BFVb, 8, 08’] corr. ex oe” F. ’
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Fb. 7. wfon V (seq. ras. 1 litt.) et P, corr. m. rec. 10.

motovea] PFVb, meoiéyovoa B et mg. m. 1 Fb, add. yo. Post

6ze add. #e/ b, m. 2F, 11, ore BV, comp. F.  nalsiren P.



ELEMENTORUM LIBER X. 297

AT irrationalis est [def. 4]; nocetur autem apotome;
quod erat demonstrandum.

LXXIV.

Si a recta media aufertur media potentia tantum
=~ commensurabilis toti, cum tota autem spatium rationale
. comprehendens, reliqua irrationalis est; uocetur autem

prima apotome mediae.

A media enim 4B media auferatur BI" potentia
< tantum rectae 4B commensurabilis, cum 4B antem

spatlum rationale comprehendens 4B >< BI" [prop.
" XXVI). dico, reliquam AT irrationalem esse, nocetur
autem prima apotome mediae.
B nam quoniam 4B, BI' mediae sunt, etiam
. AB%, BI* media sunt. uerum 2 4B >< BI ra-
tionale est. itaque 4B%* -} BI® et 2 4B>< BI'
- incommensurabilia sunt. quare etiam 2 AB>< BI"
T reliquo {efr. II, 7] 4I™® incommensurabile est,
quoniam, si totum alterutri incommensurabile est,
- =4 etiam magnitudines ab initio sumptae incommen-
surabiles erunt [prop. XVI]. uerum 2 4B><BI ra-
tionale est. quare AI'? irrationale est. ergo AI
~irrationalis est [def. 4]; uocetur autem prima apotome
~mediae.

¢

LXXV.

Si a media media aufertur potentia tantum toti
» commensurabilis, cum tota autem spatium medium

Iy

" péon seq. rae. 1 litt. V, supra. ser, ¢ F. 18, elol V, comp.
Fb.  lor/] m. 2 F. . Ante 8¢ del. 7o P. 15. &oo
“dot{ b. 0 — 186. BI"] mg. m, 1 P, 17. dome] corr. ex
@oa F. tov]) om. P. ~ 21. 8] & P.  uéen Fb. 22,
os’ F, sed corr.
15%
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comprehendens, reliqua irrationalis est; uocetur autem
mediae apotome secunda.

A media enim 4B media anferatur I'B potentia
tantum toti 4B commensurabilis, cum tota autem 4B
medium comprehendens 4B >< BI' [prop. XXVIII].
dico, reliquam AI irrationalem esse, uocetur autem
mediae apotome secunda.

ponatur enim rationalis 41, et quadratis 4B} BI'?
aequale rectae 41 adplicetur 4 E latitudinem efficiens

4 T B 4 H, spatio autem 2 4B >< BI'
! ‘ '  aequale rectae A4I adplicetur
A0 latitudinem efficiens 4Z.
! itaque reliquum ZE = A4I?
J (11, 7). et quoniam 4B%, BI*

media sunt et commensura-
I ) E bilia, etiam 4 E medium est.?)
et rectae rationali 4T adplicatum est latitudinem ef-
ficiens 4 H. itaque 4H rationalis est et rectae 4TI
longitudine incommensurabilis [prop. XXII]. rursus
quoniam A B >< BI' medium est, etiam 2 4B >< BI'
medium est {prop. XXIII coroll.]. et est == 46. itaque
etiam 4@ medium est. et rationali 4I adplicatum
est latitudinem efficiens 4Z. -quare 4 Z rationalis est
et rectae I longitudine incommensurabilis [prop.
XXII]. et quoniam 4B, BI' potentia tantum com-

d | Z H
|

1) Sequitur ex prop. XV et prop. XXIII coroll. ceternm
idem tacite usurpatur p. 226, 13 sq.

AK FVb, sed corr. 17, zal 76 — 18. BI'] in ras. F. 18,
¢oziv] fort PBV, comp. b; cum proximis sustulit rep. in F.

19. 46t PBV, comp. Fb. 4K FVb, sed corr.  20. mapge-
xesvae F. 4H F, corr. m. 2. 21. 4H F. dI] dK b,
et V, sed corr.; corr. ex JI m. 2 F.
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BI dvvdust povov 6vupstol eloly, aovuuttgog doa
dotlv % AB 1t BI' unxe aovpupergov dga xel to
and tiig AB rerpayovov ©d vmd vav AB, BI. ¢lia

t6 utv amd vig AB 6vpusted ot ta amd tév AB,

BT, ©¢ 0% vn6 16v AB, BI' ovpuergov dore 7o Oig
ind tov AB, BI'" aevuusrgov &ga fotl 70 dig
vd twv AB, BT 1o0is dmo vév AB, BI. l6ov ot
toig uiv ané tédv AB, BI' ©6 JE, ©é 0t dis vmo tév
AB, BI' ©0 40" dovupsctgov doa [éotl] 10 AE 16
A40. dg 0t 10 AE medg 10 A0, otrwg 7 HA moog
v AZ* aovupctgos dpa fotiv vy HA 1 AZ. xal
slow apgotegar gyral of doe HA, AZ gyral &lot
dvvdus udvov oduuetpors v ZH dpa amotour otuw.
onry 0t 9§ AI* o 6% Vmo gnrig xel @ddyov megu-
eydusvoy &loydv fomiv, xal % Svvaudvy edrd &loydg
dotiv. wal Ovvaraw 10 ZE 9 A" 1 AT &ga éAoyog
doriv’ xadelodw OF péong dmoroun devréga. Omep
£0er Osita.
os’.

'Eav dno e0deiag evdeia apaipedfj dvvduse

dovuucrgog ovea tf oAy, mete Or Tig GAys

- s | 3 3 L ~ (24 e 4 A > ¢ 2
TOLOVOK TR UEY T VTRV il 9NTOV, TO 6 vx .

avtev uéeov, 1§ Lotwy &Aoydg éaTiv' xelelode
0¢ éldocwv.
"Ano pag ebPelug Tiig AB eb¥ela doyerode 1 BIT

1, BI') TB F. &uﬁy_unpogg] Gvupezgos b, 2, ol
wj P. 8. 7i¢ AB] om. b. 4. fdomw P. 5. 75] corr. ex
om.1F. 6. dovpusron doa fori (om. V) ta dno tov AB,BI"
765 8lg 9w6 vy AB, BI' Theon (BFVb). 7. v7md] ¥- in ras. m.
1P. loov — 8 BI' mg. m. 2 B. 8. 76] o F. 9. Zoz(]
om. BFVb. 11. H4] JHP. JdZ]corr.ex Z4 V. 12
elor] elowv B.  18. dort BV, comp. Fb, 14. 4I] 4K FVb,

b )
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mensurabiles sunt, 4B, BI" longitudine incommen-
surabiles sunt. itaque etiam 4B%, 4B><BI incom-
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum
AB?, AB®-4- BI'® commensurabilia sunt [prop. XV]
et AB><BI, 2 4B>< BI' commensurabilia {prop. VI).
itaque 2 4B>< BI" et 4 B*+ BI'? incommensurabilia
sunt [prop. XIII]. est autem AJE = _4B%- BI®,
460 = 2 4B >< BI'. itaque 4E, 48 incommensura-
bilia sunt. verum AE: 40 = HA:4Z [VI, 1].
itaque Hd, 4Z incommensurabiles sunt [prop. XI].
et utraque rationalis est. itaque HdA, 4Z rationales
sunt potentia tantum commensurabiles. quare ZH
apotome est [prop. LXXIII]. uerum A1I rationalis est.
spatium autem recta rationali et irrationali compre-
hensum irrationale est [prop. XX], et recta ei aequalis
quadrata irrationalis est. et AI*=ZE. ergo AT
irrationalis est [def. 4]; uocetur autem mediae apotome
secunda; quod erat demonstrandum.

LXXVL
Si a recta aufertur recta potentia incommensura-
bilis toti et cum tota efficiens summam quadratorum
rationalem, rectangulum autem medium, reliqua irratio-
nalis est; aocetur autem minor.
' , . A recta enim 4B recta au-
4 r B feratur BI" potentia toti incom-

sed corr.  1B. dor PV, comp. Fb. e« etz Theon (BF VD).
186. éatw; dout PBV, comp. Fb. 5 AT'] (alt) m. 2 F.
17. éo6u PBYV, comp. Fb. 8é) ot i F. uéen P, et V,

corr. m. 2.  dOmep £3er deitn] comp. P, om. BFVh.,  22.

éé F. 28. Z6tt BV, comp. Fh.
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dvvdue dovpuerpog ovoa ti GAp motoUoa ta mEoxEi-
peve. Afyw, Ot § Aoy n AL &Aoyds dotv 7 xe-
Aovpéyy éldooav.

"Enel yag to piv cvyxelusvov éx 16v and tév AB,
BT rerpayavav ¢nrdy fotiv, 10 6% dlg vmod vov 4B,
BT uéeov, aevpuerpa oo fotl ta dmd tév AB, B
16 6ig Umd vdv AB, BI" xal avacstoeypavt doumg
t¢ and tijg AT acvppscroa éov v 4mo tév 4B, BI.
onre 0 ra dmo rév AB, BI™ &loyov &eo T dmo
tiis AI™ &Royog &ga ) A" nadeiodw 0t éAxcomy.
Gmep £0er OetEau.

of’.

'Eoy and s0delag et @ela cpatpedf dvvapsee
dcdupetpog ovea tf OAy, wera 0 tig OAxg
motoboa 10 ply Guyxsipcvor éx THY AW VTV
TeTQuydvev pésov, 1o 0 dig U evTdy dnrov,
7 Aowmy &'loyo'g doTiv' xedelodwm 0t 1) pere fnrov
uéoov 1o 6dov moroiaa.

"Ano yag evdelag 'n]g AB ebdcia aqm(md&m n BI'
dvvduer aovppergog ovoe 1) AB mototica To mgoxei-
peve: Adym, ote § Aowmy nm AT &Aoydg éoTiv 1) mooeL-
enucvy.

'Emel yag 10 piv ovyxslusvov &x tov amd 16V
AB, BI' tergaywvov pioov é6tiv, to 0% dlg Umd 1év

1. ovaa davupetoos V. ta meoxelueva ] y.sm zng olnc

-nzg 4B ©o o'uyus(usvov éx taw ané tdy AB, BI" énrow,
to 8t Slg vmo tay 4B, BI' dpa pédov Theon (BF%) 4.
pir] m. 2V, AB]era.am2P. 6. BI'l I'B P.
teraydvov] [J eras. V.  Zore PBV, comp. Fb. ~ 8t &%)
s V. 8. tdv] m. rec. P. AB] in ras. m. 1 P 8.
dovpusted fote ta ¢md 16y 4B, B (m. 2 F) 76 dmo -mg AT
(baec 4 uerba om. F) Theon (BFVb) 9. Mg. yo. énrov 8}
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mensurabilis et proposita efficiens [prop, XXXIII]. dico,
reliquam AT irrationalem esse minorem, quae uocatur.

nam quoniam 4B%-}- BI"® rationale est, et 2 4B>< BI"
medium, incommensurabilia sunt 4B?* 4- BI? et
2 4B >< BI. et e contrario reliquo [II, 7] AI'® in-
commensurabile est 4B% 4 BI"® [prop. XVI]. uerum
AB? 4 BI'® rationale est. itaque AI™ irrationale est.
ergo AT irrationalis est [def. 4]; uocetur autem minor;
quod erat demonstrandum.

LXXVIIL

Si a recta aufertur recta potentia incommensura-
bilis toti, cum tota autem efficiens summam quadra-
torum mediam, duplum autem rectangulum rationale,
reliqua irrationalis est; uocetur autem recta cum
rationali totum medium efficiens.

A recta enim 4B auferatur recta BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXIV). dico, reliqgnam AI irrationalem esse, quam
significanimus.

nam quoniam A B* 4 BI'* medium est, 2 4B>< BI'

o ovynelpsvor Fb.  doa] doxe P.  10. &loyog — AI'] om. P,

11. 8meq £3es deifon] comp. P, om. BFVbL. 12 oy F.  17.
{ots PBYV, comp. Fb." 48t %) 3¢ BFVb. Supra pera scr, axé
comp. m. 1 b. 19, AB] corr. ex AT m. 2 F. 20, asvp-
petgog ovoe duvvduss V.~ tf 61y v Theon (BFVD). &
mooxsipeval o ply cvyxelpevoy éx twy amd tov AB, BT ze-
roaywvuy pécov, to 8t dlg vmo oy AB, BI' §nrov Theon
(BFVY). 2L dome BV, comp. F. 7} meosignuévn] nalelobo
(radeirar B) 8 5 (om. VD) pere ¢nrov pégov 1o Slov morovoa
Theon (BFVD). 24, o1 PBV, comp. Fb.
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AB, BT ¢nrov, dovpucroa &oe dorl ta dmd tov AB,
BT g 8lg vmd tdv AB, BI'" xal Aoy dga t0 aml
tijg AT devppevody ot ey dlg vmo vy 4B, BI.
xal éotu 1o Olg Umo vdv AB, BI' $nrov' 7o dpa dmod
tijg AT &loydv éovvv' d&hopog dpa éotlv o) A" xa-
Aslodw Ot n) pera gnrod pédov 10 GAov morovoa.
omeg &0e Ocitban.

I3

o7’.
'Edv ano evdelag evdela dpaipeds dvvapee
dovupsrgog ovoa Ty OAy, peve OF tig Siqg
moLoD6e T6 TE Cvyxelpevoy €x THV ax AVTAY
reTQaywveY uédov o 1é dlg VX avtdv pédov
xal &1¢ Ta dn @VTdv TETQAy®VE AGTuuETeQ
te Olg V% adrdv,  Aovmy &Aoydg éoTiv: xe-
Aelodw 0% n pera péoov pégov 1o GAov morovoe
‘And yap e0dslag tiig AB evdela apnenede 7
BT dvvdye dovpuergog ovee tij AB mowoboe & mgo-
xelpeve Aéyw, Ot ) Aowwy n A &hoyds éotiv % xa-
Aovpévn m pere péoov péoov 1o Slov wmorotoa.
‘Exxelo0 pap §nzy 1 AI, xel zoly piy dmd tdy’
AB, BI' igov maga v AI magafsflicdo 10 4E
mhdzog morovw Ty AH, té 0% dlg vmo vév AB, BI'
loov apnenodw 76 4O [mAavogs mowtv v AZ].
Aoumdy dpe 0 ZE loov éorl t ano g A dore
2. BI' zezgayove BFb., BI') Bm. 2 V. xal] om. P.
8. ovppergoy F. 4, nal — 3] énrov 8% w6 V. ~ ¢nuiv)
om. V. 6. a} 1';] 8¢ b, 1. 8meo #3se Seifon] om. BF Vb,
comp. P. 8. 0@ F. 10. 8¢] om. P. 11. ze] in ras. V,
péy BFb.  ¢x’] dwé iy V. 12. 7e] in ras. V, 3¢ BFb.
18. xal &1i] #7172 Theon (BFVD). 14. 7] éym 61 5 V.
éote BV, comp. Fb, 16. 7] om. FYb, 17. ta mooxsi-

peva) 70 piv cvyxslpsvoy éx tov dmo viv AB, BI' terpaysvar
pécov, 76 3% 8lg vmwo v AB, BT pésov Fui e (om.V, m.2 F)
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_4 8utem rationale, 4B*- BI" et 2 AB><BI in-
commensurabilia sunt. itaque etiam reliquum [II, 7]
AT? et 2 4 B >< BI" incommensurabilia sunt [prop.
XVI]. et 2 4B >< BI rationale est. itaque 4I'*

r irrationale est. ergo AI" irrationalis est [def. 4];
uocetur autem recta cum rationali totum medium

“B efficiens; quod erat demonstrandum,

LXXVIIL

Si a recta aunfertur recta potentia incommensurabilis
toti, cum tota autem efficiens et summam quadratorum
mediam et duplum rectangulum medium praetereaque
summam quadratorum duplo rectangulo incommensura-
bilem, reliqua irrationalis est; uocetur autem recta
cum medio totum medium efficiens.

A recta enim AB recta auferatur BI' potentia
rectae 4 B incommensurabilis proposita efficiens [prop.
XXXYV]. dico, reliquam A4I" irrationalem esse, quae
uocetur recta cum medio totum medium efficiens.

ponatur enim rationalis 4 I, et quadratis 4B%-} BI"?
aequale rectae AI adplicetur 4 E latitudinem efficiens
——f 4H, spatio autem 2 4B><BI'

J Z

aequale auferatur 46. itaque
I @ g reliquum ZE = AI'? [, 7.
: : , quare 4I spatio ZE quadrata
A r B

aequalis est. et quoniam A4 B%

ta dno w6y AB, BT dedupustoa 16 Olg 926 zdv AB, BI" Theon

(BFVb). 18. {ome BV, comp. F. 7 xalovpévn) xalelcfwm

é¢ Theon (BFVDb). 19. ugéoov] supra ser. F.  20. 4I] JX

in ras. V, item hn. 21. 21. feov) loov t0o JE V. v

corr. ex ¢nriy m. 1 P, 6171:? iy V, m.2B. 0 JE] om. V,
23. wlatos — 4Z] om.
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N AT dvverew ©6 ZE. xal émel to ovpxelucvov éx
tév dnd tov AB, BI' tergayoveoy uédov Zorl xal
dotiv loov 19 AE, uéoov oo [éorl] to AE. xual
raga dnrny iy A1 nagdxetar nlarog moovy Ty JH-
énry dga dotly | AH xol acvppergog T AI wijxe.
niéAw, émel 10 dlg Umd tov AB, BI' péeov Zotl xal
oty (Gov 10 A0, 1o dga 46 uéeov dotlv. xal mapn
gnryv v AI mapdxeitar mAdtog mowotv Ty AZ*
énty doa dotl xal § AZ xal acvuperoog tff AT pixs.
xeel émel aovppcroe ot e amd tév AB, BI g dig
vmo tdv AB, BI', dovupsroov doa xal 10 AE 16
40. ag 0t 10 AE npdg 10 4@, otrwg dorl xal 3
AH mgog vy AZ° acdppcrgog doe § AH 15 4Z.
xel &low ougpdregar ¢nralt of HdA, 4Z &ga gnral
&l dvvduse povoy ovuucrgor. amotouy dga fetiv %
ZH ¢nm 6t 4 ZO. 16 0% Umo nrijg xal dmozouds
megueyouevoy [bpdoymyiov] &loyov lotw, xal 4 dvvae-
uévy avrd dloydg dotiv. xal Svvera vo ZE § AI™
7 AT &ga &loydg oty xadelcdw 0% ) uera uéoov
uésor to 6Aov morovowa. Omep éde dOeiou.

od’.
Th awovopl ula [uovov] wpoouguotlel evdsie
¢nty Ovvapes pdvov 6vupergog ovoa Ty oAy

1. AT] AT peifov b.  xe/lm. 2 F. 3. éot/] om. P.

4. 41) 4K inras. V, itemlin. 5,8,9; JHP. 5. evupergog
B, corr. m. 2. 7. ve] corr. exzo m. 1 F.  Zotiy] dorl PBYV,
comp. Fb. 9.Z46tiv PB. =xal](prius)om.B. 10. devuperedg F.
oy P.  11. 16] correx 10 m. 2 F.  76] corr. ex 76 m.
2F. 12 46] (alt) 6, add. Z m. 2, F.  {ou» PB. xa«f]
om, P. 13. mjyJ om. P. JH] dinras. V, H4 Fb. 14,
dpa) m.2F. 15 elowwP. 16.Z8] JKinras. V. d&€]8° P.
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+ BI*® medium est et = JE, 4E medium est. et
rationali 41 adplicatum est latitudinem efficiens 4 H.
itaque 4 H rationalis est et rectae A4I longitudine
incommensurabilis [prop. XXII]. rursus quoniam
2 AB>< BI’ medium est et =40, 40 medium est.
et rationali 41 adplicatum est latitudinem efficiens
A4Z. itaque 4Z rationalis est et rectae I longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AB? 4 BI'® et 2. 4B >< BI' incommensurabilia sunt,
etiam A E, 46 incommensurabilia sunt. uerum
AE: 40 = AH: 4Z [V, 1}. itaque 4H, AZ in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. itaque H4, 4Z rationales sunt potentia tantum
commensurabiles. quare ZH apotome est [prop.
LXXIII]. Z® autem rationalis est. spatium autem
recta rationali et apotome comprehensum irrationale
est [prop. XX], et recta ei potentia aequalis irrationalis
est. est autem AI'*=ZE. ergo AI irrationalis est;
uocetur autem recta cum medio totum medium efficiens.
quod erat demonstrandum.

LXXIX.
Apotomae una tantum congruit recta rationalis
potentia tantum toti commensurabilis.

17. ég@oydwiov] om. P, {¢uu PBV, comp. Fb. 18.
d6te PBV, comp. Fb. 19. d6m: BV, comp. Fb. 7] om. P.

20. omee &35t deifas] comp. P, om. BFVb.  21. 08] corr.
ex '’ m 2 F. 22, wovor] om. P, udwn V et F supra scr.
oy m. 1,
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"Eerw amovoun 7 AB, moosaguofovea OF airi 4
BI'" «f AT, I'B dpa ¢nrai elor Svvduer povov ovu-
uergor: Aéyw, Sri v AB érépa ov moodegudter dnry)
dvvdyes udvov evpueros ovee i GAy.

Ei pap Ovvardv, mgosaguofére § B xal of
Ad, 4B &go ¢nral elor Svvdus udvov Gvupergo:.
xal énel, ¢ Vmegéyer va dmd v AAd, AB tov Olg
Ond 1oy Ad, 4B, tovte Umeéyel xel te dmd THV
AT, I'B tov dlg vmd vdv AT, I'B* 16 yag avrd vo
énod vijg AB dupdreoa vmegéyer évallak fga, ¢ vmeg-
éger Ta amd tov AAd, 4B vév amd wév AT, I'B,
Tovre vmegéyer [xal] T0 Olg vmo Tév AAd, 4B 0¥
dlg 9n6 1oy AT, I'B. o 0t énd tédv A4, AB 1év
and tév AT, I'B vmepéyes $mrd ¢nre yap dugpdrepa.
xal 10 Olg doo Vmd tdv AAd, 4B rob 8lg Umod TéY
AT, I'B dmepéyer nrey® Smep éotly advwarov: péoe
yoo cugorsga, pédov 0% uéoov ovy Umepéysl nrd.
i} dga AB Erépa 0¥ mpooagudler Ty Svvduse povov
ovpuETQOg 0v6a T OAN.

Ml épa pdvy v émorouf] moodagudles ¢qry Ov-
viuer povoy ovuueTeog ovew T 0Ay: Omeg &0z dsitat.

’

z'.
Th uéomg amorous mowry ula pdévov mpoo-
aouote evPsla uéon Svvausr uovov eVupergog

8. ¢nvj] m. 2 F. 5. mgosxouolécdn b. xa} om. B.

6. 4B] B4 F 9. 76 amo zijg] 6 F.  10. 4B — Vreg~
ixee) am ampoteemv ‘vnsoo%nc to and tiig AB BFb; in B del.
m 2, mg. 7@ yuo avtm——vmo 76 m. 2. @] og¢b. 11, 44,
AI" PBF, corr.m.2. dmd—12. vuegszu] inras. F 12,

xai] om. P,  4B] m. 2 F, 14, §nra] corr. ex gnry V et
m. rec. B.  Post yag add. sloww FVD, £¢mv B.  15. 7] corr.
ex o m. 1 F.  dea] om. V. 17. Post yag add. elaey Vb,
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Sit 4B apotome, ei autem congruens BI
itaque AI', I'B rationales sunt potentia tantum
commensurabiles [prop. LXXIII]. dico, nullam
aliam rationalem potentia tantum toti commen-
surabilem rectae 4B congruere.

nam si fieri potest, congruat B4. itaque etiam
T Ad, 4B rationales sunt potentia tantum com-
-4 mensurabiles [prop. LXXIII]. et quoniam
(A2 + AB?) 2 A< AB== (Al +'BY)-~2 AT < I'B
(nam utrumque excedit eodem spatio 4 B2 [II, 7)), per-
mutando erit
(AL + AB%) (A +TB%)=2.A4A4>< AB+2 AT ~<IB.
verum 4 4%+ 4 B? excedit 4" 4 I'B? spatio rationali;
nam utraque rationalia sunt. itaque etiam 2. 44>< 4B
excedit 2 AI'>< I'B spatio rationali; quod fieri non
potest; nam utrumque medium est [prop. XXI], me-
dium autem non excedit medium spatio rationali [prop.
XXVI]. itaque rectae 4B nulla alia rationalis po-
tentia tantum toti commensurabilis congruit.

Ergo una tantum recta rationalis potentia tantum
toti commensurabilis apotomae congruit; quod erat
demonstrandum.

}
LS

—_—
o

LXXX.
Mediae apotomae primae una tantum congruit recta
media potentia tantum toti commensurabilis, cum tota
autem spatium rationale comprehendens.

{0y BF. 18. t7j] corr. ex e« m. 2 F. onoin V. 20.
ple — 21. 81p] bis'F, sed corr. 20, pévor BFb.  meoo-
oQuoset BFV%. 21, omeg £der dzifen) comp. P, om. BFVb,

22, ma’ F, et sic deinceps. 28. peong] corr. ex ufone m.
rec. P, péome BFV, uéon b. pla] om. b.
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ov6a T O0Ay, pera 0% Tijg 8ing ¢nrov mEQL-
éyovoe.

"Eotw pap uéong dmotoun wewrn m AB, xal tf
AB mgocapuotérm 1) BI" ai AT, I'B &pa péoar elol
dvvdust povov evpupsrgor gnTov wepiéyovear TO VIO
tov AT, I'B* Aéym, ot tij AB étéga 0 mpooseguote
uéon dvvdue. udvov cbupstpos ovoa tfj oAy, pere OF
tiig Odng énrov mepiéyovon.

E¢ y&p dvvaréy, mgocapuotitm xal 7 AB* af doa
Ad, 4B péoar &lol dvvdper ulvov evupergor §nyrov
megiéyoveor 7o Umd tdv Ad, AB. xal émel, ¢ Tmeg-
éyee T amd v Ad, AB rov dlg vmo rdv A4, 4B,
rovTe vmegéyse xal ve and tdv AL, I'B tob dig Tmd
tov A, T'B" 16 pao avrd [mdiw] vmepéyovor ve
dno vijg AB* évaddak doo, @ UmeQéyst TX Amd TGV
A4, 4B tév and tav AT, I'B, tovre dmepéys xal
0 Olg vad tov Ad, AB rov dlg vnd tav AT, I'B.
10 0% 0lg Vw0 tov Ad, 4B tov 8lg vmd rov AT,
I'B vmegpéyes gyre: fnra yap dugirtepe. .xal té dmwd
tév AAd, 4B dga tav anxo 1av AT, I'B [tergaywvov] -
UmeQéyeL gnre Gmep fotlv advvarov' péee yuo oy
aupozega, pisov 0 péoov ovy Umegiyel $nTd.

Tij dpa péong dmotous; mewry ple wévov mgoo-
aoudlst svdele péen Ouvdus pdvov evpusrgos ovow
vi] OAy, mere 0F tijg OAng gnrov megiéyovea Cmep s
deikou.

8. péon BVb, om. F. 4. meocapgucts: F, corr. m, 2.  «i)
corr. ex ef m. 1 F.  d&pa A, I'B BFVD. elaiv B. 6.
otupergog V, corr. m. 1. 6. mooswouoser V. 8. mepréyovom
V,corr.r m. 1. 10. Ad]m. 2 F. &loew LB, 12. ta] corr.
exté m. 2 F.  rov] @ F. AL, I'BF. 13, vmeoeiye b,
corr. m. 1. 14, i3] corr. ex ¢ V. maliw] om. P, vmee-
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A Sit enim 4 B mediae apotome prima, et rectae
AB congruat BI'. itaque 4AI', I'B mediae sunt
7B potentia tantum commensurabiles spatium rationale
comprehendentes 4I"><I'B [prop. LXXIV]. dico,
rectae 4B nullam aliam mediam potentia tantum
+I' toti commensurabilem congruere cum tota spatium
4 rationale comprehendentem.

nam si fieri potest, etiam 4B congruat. 44, 4B
igitur mediae sunt potentia tantum commensurabiles
spatium rationale comprehendentes 4.4 >< 4B [prop.
LXXIV]. et quoniam est
(ALF ABY)+2 A A< AB= (A + B2 4'<I'B
(nam eodem spatio 4B? excedunt [II, 7]), permutando
erit
AL+ AB?)+ (A +T'B*) =2 A4>< AB—+2 A'<I"B.
uerum 2 A4 >< 4B excedit 2 4" >< I"B spatio rationali;
nam utrumque rationale est. itaque etiam 4 4% 4 4 B?
excedit 4I'® 4 I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXIV], medium
autem non excedit medium spatio rationali {prop. XX VI].

Ergo mediae apotomae primae una tantum recta
media congruit potentia tantum toti commensurabilis,
cum tota autem spatium rationale comprehendens;
quod erat demonstrandum.

éyovaiy LBF.  t@] zd b. 18, ta] xal za LB, 17. z0]
ta« P. 18. ©6 8 —'19. I'B] »al V. = 20. tetoayavoy] om. P,

21. vmegéker P, £ supra scr. B. 22, 84] yap L. 28. péon
Eefll ;ag LBFVb. 25. Omeep #8er Seitas] comp. P, om.

Euclides, edd. Heiberg et Menge. III. 16
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T péong emoropy devréoa ule uévov meoo-
apudtse evdela péon Svvapsl pévor 6Vppsrgog
tfj 8An, uera 0% tig 6Ans péoov megiégovoa.

"Eotw péong dmovouy desvtéga %) AB xal tij AB
npoceguctovee ) BI™ af dga AT, I'B pécon elol
dvvduer uévov evuuergor pécov msQiEyovbar TO VMO
tév AT, ['B* Aéyw, 8tv tf) AB éréga 0V mpocapudce:
e0ele péoy Ovvdue udvov ovppergog ovee ti GAy,
pera 0% T1jg OAng uédov msgiuégovoa.

E¢ yép dvvardy, mwoosaguoléte § BA" xel af A4,
4B &ga péoar elol dvveps wovov evpustgor uédov
meguégovoar ©d Umd 16y Ad, AB. xal dxxslode ¢qry
v EZ, xal voig utv ané tév AT, I'B loov mage ty
EZ noagapepfiiicfo 10 EH midtog mowotv tyv EM:
1 0t dlg vmd rov AT, I'B lsov dppenode 16 OH
nAarog wotovy Yy O M Aowwdv dga ©0 EA leov fotl
t6 and vig AB* @ove 7 AB dvvarer 10 EA. miliy
0y tols amd tév AA, AB icov maga vy EZ maga-
Pepiiede o EI midvog mowoty v EN* oru 0t xal
10 EA loov v¢ and tvijs AB terpaydve’ Aoumov &ou
760 OI loov fotl ©d Oig Vmd 1oy Ad, AB. xal émel
uéear elolv af AT, I'B, uéoa doa éotl xal ta dmd v
AL, I'B. xail éotwv loa vg EH péoov &pa xal o
EH. xai nage §nryy v EZ magdxeitor wAdtog moiody

2. péon uel péoy LBFVD. povy V, 6. pfon uel
péoy LBFb, e corr. V. devrion] om. b, AB] B in ras.
m 1P xaltj 4Bl om. V. 6. 9] 8% 4 V. = «f] supra
scr. m. rec. b.  #lolv LBP. 7. 1] z« L? 8. rav] om. b.

woodagpofer LBb. 11. 4B F. xal] om. B. 12. &loly
LB. 16. 4B, BI' b.  20. EI] supra scr. Z F.  &uw L.
21, xal lowwoy V. 22. {gov — 24. v6 EH] mg. m. 1 F.
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LXXXI

Mediae apotomae secundae una tantum recta media
congruit potentia tantum toti commensurabilis, cum
tota autem spatium medium comprehendens.

4 B ra Sit 4B mediae apotore
} ' "™ secunda etrectae 4B congruens

j: g BI. itaque AT, I'B mediae
sunt potentia tantum commen-
surabiles medium comprehen-
dentes 4I'><I'B [prop. LXXV].

H M dico, rectae 4B nullam aliam
rectam mediam congruere po-

I N tentia tantum toti commensu-
rabilem, cum fota autem medium comprehendentem.
nam si fieri potest, congruat B4. itaque etiam
A4, 4B mediae sunt potentia tantum commensurabiles
medium comprehendentes 44 >< 4B [prop. LXXV].
et ponatur rationalis EZ, et quadratis 4I™ + I'B?
aequale rectae EZ adplicetur EH latitudinem efficiens
EM; spatio autem 2 4I'><I'B aequale auferatur ® H
latitudinem efficiens @ M. itaque reliquum EA == 4B*
(I, 7). itaque 4B spatio EA aequalis est quadrata.
iam rursus quadratis 4.4% 4+ 4B% aequale rectae EZ
adplicetur EI latitudinem efficiens EN. est autem
E A= 4B itaque reliquum @I =2 44>< 4B [II,7].
et quoniam AT, I'B mediae sunt, etiam 41"+ I'B?
media sunt. et AI'* 4 I'B*= EH. quare etiam EH
medium est. et rectae rationali EZ adplicatum est
latitudinem efficiens EM. itaque EM rationalis est

22. foriv L. Post éxel del. m. 1: foov ozl v 845 P. 23,
dovty L, elal Fb.  24. EH] seq. ooy dotl 6 EH F.
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my EM: gy &pe éotlv § EM xal aedpperpog T
EZ piner. mddwv, émel péoov éotl ©o vmd tdv AT,
I'B, xal t6 8lg vmd tdv AT, I'B uéoov fotlv. xal
dovev lgov 1o OH xel vo OH &pa pédov fotiv. xal
nage fniyy v EZ mapdxsitar mAdrog mowovv Tw
@M ¢y doa ol xal § ®M xal dovppstpog ) EZ
prjxee. xal émel af AT, I'B dvvduer uévov ovupustool
elow, aovppctpog dpa fotly ) AT vfj I'B pixs. g
0 5 AT mgog v I'B, otrwg fotl 16 amd wijg A
nedg 76 Umd tov AT, I'B: deduustoov &oe otl 1o
and tijg AT © vmo tév AT, I'B. dAd& ©6 udv dmd
tijg A" ovppered éon ta dnd tav AT, I'B, 6 o
1wl tov A, I'B evpuerpdv éote o 8lg md iy
AT, I'B- covppstoa doe éotl va and twdv AT, I'B
16 Olg vmd tév AL, I'B. xel dove voly udv dmd rov
AT, I'B [oov ©v6 EH, 6 0} dlg vmé tév 4T, I'B
loov ©6 HO" devuuerpov &oe éotl v0 EH v OH.
wg 0t ©0 EH mpdg ©0 O H, otrwg éorlv ) EM moog
iy @M acvppsergog &ou otiv ) EM tfj MO uijxs.
xal eloww apporegas gnral of EM, MO doa ¢nroal
slor Ovvaper povov oUppctgor® amotoun dee éotly 7
E®, mpocagudifovoa 0% avtij 7 @M. uolmg 07 Oet-
topev, Ote xal ) ON avty meoowouofsy tij &ow dmo-

zopf] &AAn xal ¥AAy meocapuits evdeta dvvdps udvov *

ovpueTeog ovoe T SAy’ Omeg forlv advvarov.
Ty doa péong dmovoufj devrépe uia wévov mgoc-

1. EM] (alt) EN L?, ME b. 2. otéy L. 8. dlg doa V.
{otiv] L, comp. Fb, gcl PBV. 4. t6 O&H) om. L, m.
2 B. éatta L, comp Fb, doe¢ PBY. 6. oty L. 1,
l'| in ras auvppstqol F, sed corr. 9. fotlv L, Gou
ot 10. dovppsrgoy — 1. I'B] m. 2 V 10, £ozl
wal B. 11. AI'] (prius) @ (non F, habuit B). 12. éouy P.
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et rectae EZ longitudine incommensurabilis [prop.
XXII]. rursus quoniam 4I'>< I'B medium est, etiam
2A4Ar'><T'B medium est [prop. XXIII coroll.]. et
@OH =2AI'><X I'B. itaque etiam ®H medium est.
et rectae rationali EZ adplicatum est latitudinem ef-
ficiens @ M, itaque ®M rationalis est et rectae EZ
longitudine incommensurabilis [prop. XXII]. et quon-
iam 4TI, I'B potentia tantum commensurabiles sunt
AT et I'B longitudine incommensurabiles sunt. ueram
A T'B=AI?: AI'><I'B [prop. XXI coroll.]. quare
AI'® et A" >< I'B incommensurabilia sunt [prop. XI].
ueram A T2, 4"+ I'B® commensurabilia, et 4 '><I"B,
2A4I'>< I'B commensurabilia. quare A4I® 4 I'B%,
2 4AI' >< I'B incommensurabilia sunt [prop. XIII]. est
autem EH=AI? 4 I'B% HO® =2 AI'><I'B. itaque
EH, ®H incommensurabilia sunt. est autem EH: ®H
=EM:®M [VI, 1). itaque EM, M® longitudine in-
commensurabiles sunt [prop. XI}. et utraque rationalis
est. quare EM, M@ rationales sunt potentia tantum
commensurabiles. itaque E® apotome est [prop. LXXIII],
ei autem congruens @M. jam similiter demonstrabimus,
etiam @N ei congruere. itaque apotomae rectae di-
uersae congruunt potentia tantum toti commensurabiles;
quod fieri non potest [prop. LXXIX].

Ergo mediae apotomae secundae una tantum recta

16. forev P.  17. HO] inras. V. EH] mut. in HE m.
1V, HE Bb. 18. 7] (alt.) om. b, 19. M81] in ras. m.
1 B, &M P. 20. &oa] postea ins. m. 1 V. 21. &le:] om. g.

evppstoor] -or e corr. P. 28, ®N] N in ras. V. =goo-
aoudtrer V. dmoroup v EO@ V. 24, pévoew] supra scr.
gn. 1 F 25. omeq fotly ddvvarov] om. V. 26. péoy

FVb.
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wpudtss evdsla péon Svvdps pévov Gvpuergog ovow
i Oy, peve 0% vijg SAng péoov megiéyovoa omse de
dstbac.

np’.

b T7 éAdecove ple udvov weocaguofer evdeln
dvvdpst devupsroog ovoa i 6Ay motovow pETE
tijg 8Ang ©0 plv éx tov dx adTadv TETQRYDYRY
¢ntdv, 1o 8¢ dlg U7’ adrdv uéoow.

"Eete 7 éAdo6ay 9 AB, xal tfj AB mpocaguifovon

10 é06tw 7 BI" of &pa AT, I'B dvvaue eloly aovppsctoor
moLoVe 1O piv GupxEluEvOY X THY AN’ aUT@Y TETQA-
y@vey iy, 1o 0 dlg vn’ evrov péeov' Adyw, dre
i) AB étépa e0¥sin oU mPooapuies Ta alra molovow.

E¢ yap dvvardv, mpocaguolétm 4 BA" xal af A A,
16 4B &ga Svvdus eloly devppergor morovoar Te: 7PO-
sionuéva. xal émel, & Umegéys Ta dmd tov A4, 4B
tov and tov A, I'B, rovte vmegéyer xal o Olg
Um0 tdv A, AB rov Olg Y7o tov AT, I'B, to O}
ané tav Ad, 4B rerpdyova tav and tov A, I'B
20 TeToaydvew Umepdyes Gyt GrTe pdo éotiv duplrspn
xal 70 Olg Umo Tov A4, AB dpe to¥ Olg Vmd Tdv
AT, I'B vmsoéys v Gmep éotlv advverov' pdoa
pdo foTiv dugpirege.
T doa éidodove uie uovov mgodapuifs, svdeia
25 Ovvdps dovppergog ovoa tf oAy xel mooboe Ta piv
1. &8sl — povoy] om. P. 2. Gmeg &3er deifar] comp.
P, om. BFVb. 4. xf’] corr.exny’ F. 5. pdwy V, piv'n K.
9. 7] (prius) ins. m. 2 F. 10. &oa] supra scr. m. 1 V.,
ovppsreos F. 13, 3] corr. ex y m. 2 F. frdgar £9-
Beioe F. moocxeuétst b,  14. xa/] om, B.  of] om. b.
15. Ante eloly ras. 4 litt. V. ta] w0 V, et F, corr. m. 2.

nQostgpéve] piv dwo tdv Ad, 4B (m, 2 F) rerpdyove
(-yovay FV) dua ¢nrdy, t6 8 Sig 9nd tév A4, 4B péoov
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media congruit potentia tantum toti commensurabilis,
cum tota autem spatium medium comprehendens; quod
erat demonstrandum.

LXXXIIL

Rectae minori una tantum recta potentia toti in-
commensurabilis congruit cum tota efficiens summam
quadratorum rationalem, rectangulum autem duplum
medium.

Sit 4B minor, et rectae 4B congruat BI. itaque
AT, I'B potentia incommensurabiles sunt efficientes
4 B r 4 Summam quadratorum ratio-
' ' ——  nalem, rectangulum autem du-
plum mediam [prop. LXXVI]. dico, rectae 4B nullam
aliam rectam congruere eadem efficientem.

nam si fieri potest, congruat B4. itaque etiam

A4, 4B potentia incommensurabiles sunt efficientes,
quae diximus [prop. LXXVI]). et quoniam est [II, 7;
cfr. p. 238, 7 s8q.]
(AL + ABY) (A4 TBY) =2 AA4< AB-+2 AT'<TB,
et AL 4+ AB* excedit 41 4+ I'B* spatio rationali
(nam utraque rationalia sunt), etiam 2 44 >< 4B
excedit 2 AI'>< I'B spatio rationali; quod fieri non
potest [prop. XXVI]; nam utrumque medium est.

Ergo rectae minori una tantum recta congruit po-
tentia toti incommensurabilis et cum tota efficiens

Theon (BFVb). 16. 7¢] in ras, m. 1 P. 17. 6] =a B;
to F, sed corr. m. 1. 18, ox6 — 3i] mg. m. 2 B.  zov
— 19. gBlecorr. m. 1 F. 19. 44] 4 ecomr.m. 1 V. 20
oxeefya] m. 2 B, eloy b, 21, Go] m. 2 B om. FVb.
28. fouv] m. 2 F.  24. Joo] om. %’ ta del. zj
4AB m. 2 pory V, 25. duvauss povoy F oy
peteog FVb, et B, corr. m. 2. xaf] om. V. ta] 's6 PF



248 " ETOIXEIRN /.

an’ adrdv rerpdyeve due $nrdv, ©o 0% dlg vn’ avrdv
uéoov: Omso e Oelbou.

xy'.
Ti were ¢nrod pésov td GAov morovey uie
5 pdvov mgocaoudler 0P el Svvduss ao¥pusrgog
ovoa tij 0An, pere Ot tig 8Ang motovoa o plv
ovyxelpsvov éx TGV AT QVTOV TETQRYDVOV
péaov, 16 0t dlg v’ avrav §nTiv.
"Eotw 7 peta $ysot wéoov T GAov mowovoa i A B,
10 xel tjj AB mpocaguoférw 7 BI“ af &oa AT, I'B
dvvdpss sloly dovppctoor motovear Ta mpoxslusve®
Adyw, 8r tf) AB érégex oV mgosagudos T avra
moLovaa.
E¢ yag dvvardy, mpocaguotétm ) BA* xal af A4,
16 4B &pa e0dslar Svvduer &loly acvpuergor motovowr
T8 mooxelpeva. émsl oy, o Umegéyes T amd ToY Ad,
4B tov and wov AI'y I'B, zovreo vmegéyes xal T0
0lg vmd tov Ad, AB 1ot d8lg vmd tov AT, I'B
axoAovPmg Tols med avrod, o O} Olg Vw6 Tdv A4,
20 4B tov 8lg vm6 tov AT, I'B vmegéyst $nre énra
pdo éotwv aupdrspa” xal ta amd tdv A4, 4B &pa
1oy and v A, I'B vmegéyer fnrd’ Omsp foriv
advvarov: péow yap oty aupotsge. olx dpx i) AB
érépa moodapudos svPsia Suvdpsr dovupucrgog ovow

1. Tevpdywvoy P, tergayavwy V, et F, corr. m. 2.  Post
$nrdy add. pera ziig SAne V. 2. 8wee £8s deifoau] comp. P,
om. BFVbh, 8 =3’ F. 4. pera rov V. Post ¢gnrod add.
xal{ m. 2 F. b. poyy V.  10. xal tf AB] om. B.  mpoo-
coudgoven Vb, meocupuofovex 8¢ B, apudfovex F. 11, za
mooxelutva) to piv ovyxelpevoy ¥x twy amo tay AL, I'B z:-
toaydvoy pécov, 0 6% dlg vwo tdy AI', I'B §nroy Theon
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summam quadratorum rationalem, rectangulum autem
duplum medium; quod erat demonstrandum.

LXXXIIL

Rectae cum rationali totum medium efficienti una
tantum recta congruit potentia toti incommensurabilis,
cum tota autem summam quadratorum mediam efficiens,
rectangulum autem duplum rationale.

Sit 4B recta cum rationali totum medium efficiens,
et rectae 4B congruat BI. itaque AI', I'B potentia
incommensurabiles sunt propo-
sita efficientes [prop. LXXVII].
dico,- rectae 4B nullam aliam congruere eadem effi-
cientem.

nam si fieri potest, congruat B4. itaque etiam
Ad, 4B rectae potentia incommensurabiles sunt pro-
posita efficientes [prop. LXXVII]. iam quoniam, sicut
in priore propositione [p. 246, 16 sq.]

(AL + ABS) (AT B =2 4A>< AB+2 AT'<I'B,
et 244 >< 4B excedit 2. 4I' >< I'B spatio rationali
(nam utrumque rationale est), etiam A44% 4 4B ex-
cedit AI™ -4 I'B? spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXVI]. itaque
rectae 4B nulla alia recta congruet potentia toti in-
commensurabilis, cum tota autem efficiens, quae dixi-

4 B

(BFVDb). 12, léyo — 16. mooxeipeva) om. P, 12, tavza V.
14. A41 decorr.m 1 b 18. ta meonslpeva] o udv ovy-

nelpcrvoy € tdY dnd 1oy Ad, 4B tergaydvay péoov, to 3k

dlg ¥mo vov Ad, AB (AB,Bd @) §nzoy Theon (BFVDb). za]

corr. ex r¢ F. 18. Post "B uacat una linea et spat. 6 litt. b.
21, douv] om. V, m. 2 F. 28, yag elov V.
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tfj 0Ay, peva 0% tijg GAng mowovoa re woosgnuive:
ula Gga uovov mpodapudcs Omep Ede Oeiou.
nd’.

T5 pere péoov pédov 70 GAov motovey ula
udvy meocapudfsl s0fela Svvduel d6Vppcroog
ov6a t] GAy, weva Ot vig 3Ang moiovoe TO TE
ovyxslucvoy éx TaYv an’ AVIOV TETQRYBVOY
pécov vo te dlg vn’ avrov péeov xal &vi aovp-
peTQov T ovyxeipufve éx Tdv & avraw.

"Eote 5 perk pédov pédov To dlov mowovica 3 AB,
mpocagudtovon 0% avrij 3 BI'* of dpa AT, I'B dv-
veps 61y 2oUuuETOL ToL0TERL TA TQOsPNUive. Adym,
ote ©] AB érépa o0 mpoowouios moloiGa Ta Wost-
enpéva.

E¢! yap Svvardv, mpooaguolérw % BA, dore xel
teg AA, AB dvvaps acvuuérgovs elvar moloveag To
76 dmo tdv Ad, AB terpdyova Gue péoov xal o
Olg vmd 1oy A4, AB uéeov xel &ru ta and tdv AJ,
A4 B aovppcren t6 Olg vno tov A d, 4B xal éxxslodo
onty 9 EZ, xal voig ulv and tév AT, I'B icov mepd
v EZ negafepliodo t0 EH wmAatog moiovy v

1. 1o mposgnpéve] to piv ovyxelusvoy &n tdy dx’ avioy
tetgaydvoy pécoy, 10 Ot Sig vn’ adrdy §nréy Theon (BFVD).

2. plo doa) 7 dea pera $nrod pédov 6 dlov moiovey wix
BVb et F, om. ple. moogagpofee Vb, xal ta f£qg F.  omse
#3e1 Osibai] com}g. P, om. BFVb. 8. xz8']sicm. 2F. b,
pévov BFb. ost dvvopse del. povoy m. 1 P. 8. ¢ 153
xal 76 Theon (BFVb), Ym0 zay b, acvuperoos F, se
corr. 9. t6 cvyxelpevoy fx tév on’ adrov o dlg Ux’ adrdy
Theorn (BFVb). 11. avry] om. Theon (BFVDb). 12, &
moosignuéve) ©6 te (uév F) cvyxslpevoy én 1oy dn’ adrov te-
toayavay uéooy xol 16 8lg vwd téy A", I'B (dn° avrar V)

péoov, En (corr. ex dore F) 8% 7 dno t6v AT, I'B tetpdymya
(za add. F) dovpgerea 6 dlg vmo tév AT, I'B Theon (BF VD).
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mus. ergo una tantum congruet; quod erat demon-

strandum.
LXXXIV.

Rectae cum medio totum medium efficienti una
tantum congruit recta potentia toti incommensurabilis,
cum tota autem efficiens summam quadratorum mediam
et duplum rectangulum medium praetereaque summae
quadratorum incommensurabile.

Sit 4B recta cum medio
totum medium efficiens, ei
E e M N gutem congruens BI. itaque
AI'y I'B potentia incom-
mensurabiles sunt efficien-
[ tes, quae diximus [prop.
z 4 H I 1LXXVIO]. dico, rectac 4B
nullam aliam congruere efficientem, quae diximus.

pam si fieri potest, congruat B, ita ut etiam
Ad, 4B potentia incommensurabiles sint efficientes
A4 4 4B medium et 2 44 >< 4B medium et prae-
terea A4° -+ AB?, 2 44 3>< 4B incommensurabilia
[prop. LXXVIII). et ponatur rationalis EZ, et qua-
dratis A 4 I'B? aequale rectae EZ adplicetur EH
latitudinem efficiens EM, spatio autem 2 4I'><I'B ae-
quale rectae EZ adplicetur ®H latitudinem efficiens & M.

4 B r 4

18. Post wgooegudose add. Theon: dvwvdue: davpperos ovon
tj olyp, pera 8% wijg Sing (BF VD).  mgoegnuéva] -si- in ras.
m. 1 P, meonslpsve Theon (BFVDb),  16. elvar dovppéreovg
BFYV, elow dovpp. b, ta te] 16 12 P, 1o pév BFb, 26 =
ovynelpevoy e corr. V.  17. ano] éx V. A4, 4B] in ras. V.,

tetoaydveoy P et V (supra -ov ras. est).  dpe] supra scr. V.,

1:6; sapra ser. V. 18, 9wé — AB] on’ attdy V.  zd]
om. P. 19. Post 4B del. m. 2 tirgaywva V.  dovupsrgov P.
20. zoig] corr. ex rovg m. 1 V.
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EM, 1t 0% 8lg vmo tév AT, I'B loov wage iy EZ
nepafepiiodo o @ H midrog morovy toyy O M* Aowxwov
toa v6 dwd vig AB loov éotl v EA* 7 Gon AB
dvvarer 10 EA. malv toly amd tov AAd, AB isov
negax 1y EZ moapafspiijodo to EI midtog moioty
v EN. éore 0% xal ©d dmo tijg AB loov 1o EA-
Aoumov Gge ©0 Olg ¥md tdv Ad, AB leov [dotl] Td
OI xal Znel péoov forl 70 Guyxnslpsvov éx Ty amo
tév AT, I'B xal éorv loov ¢ EH, péoov &oa fotl
xed 70 EH. xal waga ¢nrny vy EZ nagaxetar midrog
motody tyy EM: ¢yt &pa éotlv ) EM xol dovyu-
uergog ] EZ uijree. mddw, émel péoov éorl 10 dig
on0 tov AT, I'B xal ot loov té @H, pécov doc
xl 10 OH. xol maga nryy iy EZ magaxsitas
nldtog morotv Ty OM- gty dea fovlv § OM xal
acvpucroos i EZ pixei. xol émel aevpucvod fote
ta and vdv AT, I'B 16 dlg vnd tov AT, I'B, dovu-
uetgov éovi xal t0 EH t¢ @ H* dovpucrpog dou éotl
xal 7 EM tj MO wijxsi. xal elow cupitsgpar $yral:
of &ge EM, M® §qral elow Svvdper pdvov ovpuergor’
anoroun &oa éotlv 7 E®, mposagudfovea 8t avri 4
OM. opolwg O Jeigoye‘u, 8te ) E@ madw &nowmf
dotiy, mpooapuolovea Ot avrf ) ON. 13 aga an’m:qu
GAAy xal alln m:poo’agyogez énry) Svvdus (.wvo'u 6vy.~
ueTog ovea Ty OAy- Omeg 0slydn ddvverov. ovx dpa
tij AB étépa mpoGaguios ebdel.

1, mage — 2. nuqaﬁsﬂlno&m] a(p‘r]p'r)d&w V. 2. H® B.
MO inras. V, BN F. loimov — 6. EN] mg. m. 1 F. 4,
tois pév P. 6. wijv] bie V. 7. ou] douiv P, om. FVD,
m. 2 B. 9. zo] o F. y.eaov—lOEH]m.m2V
om. xaf. 13. zg] corr. ex 76 V, 7d F. 6H) HO" F. 15,
énth — OM] mg. m. 1 P (dotl n]) 17, dovpperooy — 18,
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itaque reliquum [II, 7] 4B*= EA. quare AB spatio
E A4 aequalis est quadrata. rursus quadratis 4 4% 4 4 B?
aequale rectae EZ adplicetur EI latitudinem efficiens
EN. uerum etiam 4B*= E 4. itaque reliquum [II, 7]
244 < 4B=06L.
et quoniam 4I"* < I'B* medium est, et 4" 4 I'B*=EH,
etiam EH medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens EM. itaque EM ra-
tionalis est et rectae EZ longitudine incommensura-
bilis [prop. XXII]. rursus quoniam medium est
2AI'><XI'B, et 2 AI'>< I'B = 6 H, etiam ® H medium
est. et rationali EZ adplicatum est latitadinem efficiens
@M. itaque @M rationalis est et rectae EZ longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AI* 4 I'B® et 2 AI'><XI'B incommensurabilia sunt,
etiam EH, ®H incommensurabilia sunt. itaque etiam
EM, M® longitudine incommensurabiles sunt [VI, 1;
prop. XI]. et utraque rationalis est. itaque EM, M®
rationales sunt potentia tantum commensurabiles. quare
E® apotome est [prop. LXXIIT] et @M ei congruens.
iam similiter demonstrabimus, rursus E® apotomen
esse, el autem congruentem @N. itaque apotomae
diuersae rectae congruunt potentia tantum toti com-
mensurabiles; quod demonstratum est fieri non posse
[prop. LXXIX]. itaque rectae 4B nulla alia recta
congruet,

OH]mg.m.1V. 18. doa doc/ BFb. ©OH] HE'F. lorly

PB.” 19. pyme] om. b.  21. meocapuérrovce V. 282, OM{

HO b, et F, corr. exMQ 23. dout SV comp. Fb.  24. xa

allq 7T B. Qnt m. 2 B, 26. ddvvator édeiy8m V.
ost 4B del sv&suz m 1V, meodaudfet b.
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Ty &pe AB ple povov mgocagudfer vdsia Svvapet
dovupstgog ovoa ti 0dy, weve 8% tijg SAng mocodow
Té 16 an’ aUTOV TeTpdyove dpa uécov xal to dlg vm’
atTéY pédov xal £rL ta an’ avTOV TETEAY@VE GOUN-

5 perge T Olg v avtdy' dmeo e delkau.

Opo: ToiToL

a’. ‘Trmoxspévnyg énrijs xal dmoroutig, dav ptv 7 0y
tijg mposaguofovong psifov dvvnTal TG and GvpuiTgov
favrij pixet, xal 9§ OAn ovppergog § i Exxeiuévy

10 OnTi pijxet, xadelodo dmoTouy mEaTY.
B’. ’Eav 8¢ 1) mpodapuitovoe ovuuetos 7 T éx-
useuévy Oqey wixer, xel ) 8An tiig meocapuofoveng
uetlov Svvyrar Té amd ovppérgov favrf, xalilodw
amorouny Ssvrépe.
15 9. Eav 8% undevége oduppctgog 7 v fxnmeipévy
oty wixer, 7 8¢ 0An tig mpocaguofoveng metfov dv-
vnTar t6 amd cvpuétgov favtf, xaAelodw dmoropur
QLT

8'. IlaAw, éav % GAq tijg meosaguofovong ueifov
20 OvvnTen Te amd dovppitpov Eavey [uixed], éav udv
7 8An ovppergog 7 i dxxapévy vy wixes, nedelote
AmoTONN TETAQTY.

€. ’Eav 8} 5 mpooaguofovee, méumTy.

‘Eav 0} unbetépa, ixty.

1 powvp V. nooo‘«gyoo‘u BFV. 3. 7¢)] om. b, 6 P.
wrpdywvoy P. péoa V. 4. nal "gl fze te BFVb, 5.
dig] om. b.  avrév] eras. B.  Gmee {0t 8eifen] om. BV.
6. dgot rpzor] PV, mg. m. 2 B, om. F; m¢’ b, mg. m. 2 B.
numeros om. codd. 7. 7] om. B. 8. Svwera 9. acvp-
pézoov BV, sed corr. 9. 1/] supra scr. m, 1 b, om. V. 11,
g V. 12. nal % — 18, fevry] om. Fb, mg. m. 2 B. 12
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Ergo rectae 4 B una tantum congruit recta potentia
toti incommensurabilis, cum tota autem efficiens sum-
mam quadratorum mediam et duplum rectangulum me-
dium praetereaque summam quadratorum duplo rectan-
gulo incommensurabilem; quod erat demonstrandum.

Definitiones tertiae.

1. Datis recta rationali et apotome, si tota qua-
drata congruentem excedit quadrato rectae sibi com-
mensurabilis, et tota rationali propositae longitudine
commensurabilis est, uocetur apotome prima.

2. Sin congruens rationali propositae longitudine
commensurabilis est, et tota quadrata congruentem
excedit quadrato rectae sibi commensurabilis, uocetur
apotome secunda.

3. Sin neutra rationali propositae longitudine com-
mensurabilis est, et tote quadrata congruentem excedit
quadrato rectae sibi commensurabilis, nocetur apotome
tertia.

4. Rursus si tota quadrata congruentem excedit
quadrato rectae sibi incommensurabilis, si tota rationali
propositae longitudine commensurabilis est, uocetur
apotome quarta.

5. Sin congruens ei commensurabilis est, quinta.

6. Sin neutra, sexta.

xei’] snpra ser. m. 1 V. 13, dvvarcw PV.  Post naleiodo
ras. 2 litht. V. 16, &L V. 18, % 8t 6ip — 17. fwvrfi] om.
Fb,m 2B 16. ddvarer V. 19. 9] m. 2 B.  z7jc =goo-
aguofoven: B, sed corr. (ante zijc ras. 1litt.). 20. ovppérov
B, corr. m, 2. pixe] om. P, pév] supraser.m. 1 F. 21,
7] m. 2B 2 -p« & inras. m. 1 P
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we'.

Evostv tqv moaTtyv dxoroury.

‘Exxciodo fqry 5 A, xal tff A pixe 6Vpucrgog
fotw v BH" $nry) doa Zovl xal y BH. xal éxxsicFwoay
0vo tergdywvor doidpol of AE, EZ, av 1 vmegoyy 6
Z A4 uy Eorw terpdymvogs ovd’ dga 0 Ed meds tov
AZ Ayov &g, Ov teTpdymvog deiduds medg TETQM-
yovoy dguducy. xal memoujodw og 6 EA meog tov
AdZ, oittwg to dno tijs BH terpayavov mpdg To axd
rijg HI zetgdyavov: cvuustgov dpe 0Tl TO 4mo Tijg
BH 1 and vijg HI. ¢nuov 6% 76 éxé tijig BH-
¢nrov dpa xal to amd zig HI ¢yry &pa doti xal 7
HI. xal énel 6 EA mog tov A4Z Adyov ovx &ye,
OV TETQAYwVOg AeLd uog MPO3 TETEAYVOY dQIBUdY, 000’
dpo 70 ano tig BH modg vo axd tiig HI" Adyov &yet,
Ov tetpdywvog apududs meog tTeTedymvov deududy:
acvupstgog doa éotlv f§ BH zff HI' wijxer. xal sloww
augorepar dyval of BH, HI' dpa ¢yral el dvvdus
pdvov ovpuergos’ 3 oo BIT dmwotous) éotv.

Aéyw 81, 6t xal mpawry.

Qi yagp pettov dote v6 dmd tijg BH vov dwod tijg
HT, ¥#oto to amd tijg O@. xol énel dotv dg 6 EJ
n@og tov Zd, ovtwg td amd tiig BH meds 10 dmd
zijg HT, xel avaarpépavry dga éotly g 6 AE medg
tov EZ, ottmg 10 and tijg HB mpdg 0 axo tijg O.

1. zz'] om. BFb. 8. ¢yl m. 2 B.  pyxes] om. V. 4,
forw] forow F, corr. m. 1; foro urjxes V. oty P. BH
corr.ex HBV. 6. 7] m 2F. 6. 4ZBVb.  ovx FV.

7. 42} "Z4’ F. 8. memoieleBo F. 6] m. 2 F, 10.
tergdyovoy] om. V. evupsrgog V, corr. m. 1. dotiy V.
11. HB F. HI] supra scr. ® b; &I F, sed corr. (?).

¢ntoy — BH] m. 2 B. 18. HI'] in ras. V, corr. ex I'd
m 1b 14, @ebudg] om, V. ot@udy] om. V.  ovdé
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LXXXYV.

Inuenire apotomen primam.

Ponatur rationalis 4, et rectae A longitudine com-
mensurabilis sit BH. itaque etiam B H rationalis est.
et ponantur duo numeri quadrati 4E, EZ, quorum

B T H differentia Z4 quadratus
L " numerus ne sit [prop.

E Z 4 XXVII lemma I). itaque
E 4: 4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. et fiat E4: JZ == BH?: HI™®
[prop. VI coroll.). itaque BH?, HI™ commensurabilia
sunt {prop. VI]. uerum BH? rationale est. itaque
etiam HI™ rationale est. quare etiam HI" rationalis
est. et quoniam EJ : 4Z rationem non habet, qgunam
numerus quadratus ad numerum quadratum, ne BH?*
quidem ad HI™ rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque BH, HI lon-
gitudine incommensurabiles sunt. et utraque rationalis
est. itaque BH, HI rationales sunt potentia tantum
commmensurabiles. ergo BI"apotome est [prop. LXXIII].

Iam dico, eandem primam esse.

sit enim €% == BH*— HI® [prop. XIII lemma]. et
quoniam est

A
o

EA:Z4=BH*: HI,
etiam conuertendo [V, 19 coroll] est
AdE:EZ = HB!: 6.
uerum A4 E : EZ rationem habet, quam numerus qua-
dratus ad numerum quadratum; nam uterque quadratus

FVb. 1b. dox] supra ser. m. 1 V. HI'] e corr. V. 17,

BH) HB @. 18.&loww P. 19. éo1e V, comp. b, £lor comp. tg
23. 8] in spat. 2 litt. 9. EJ] JE V. 28, wov] t6 b
4Z BVb., 24 JE] in ras. m. 1 P.

Euclides, edd. Heiberg et Menge. IIL 17
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6 08 AE moog tov EZ Adpov &yst, Ov TETQRYOVOG
doLPuds meos TETEEY@VOY CQLdUoY” Exdregog yag Te-
rodyovdg éomwv: xal vo dmd tij¢ HB &pa mpos 0
ano tiig @ Adyov &ys, ov terpdywvog agududs meog
TeTpiyavoy aguiucy: ovppctos dea fotly 7 BH v
O wpixer. xol Svvarew ) BH vijg HI petfov 1o ano
vig @ 7§ BH &pe vijg HI' pettov Svvarer 6 amo
ovupérgov éavri] pixe. xal dotw 14 6in 7, BH ovu-
uergos T éxxsuévy Gy wixee vff A. 7 BI doa
dmworour Z6T. mEwT1.

Evoyrar &oe 1 mpaty amorouy 7 BI™ Omep &dee
cVQEIY. )

ns .

Evpeiv tqv dsvrégav dmozoprv.

‘ExxeloBw ¢qy § A xal vff A4 odppergos pnxét
n HI. ¢niy boe dorlv ) HI. nal éxnxsloBwoav dvo
terpdyovor doiduol of JE, EZ, @v 1 vmepoyn 6 AZ
u1 &6t Tergoymvog. xel memoujodw og 6 ZA wedg ToV
AE, otrwg to and g I'H rerodymvoy mpdg 16 ano tijg
HB tergaywvov. evppstgov doe éotl ©o ano tig I'H re-
rodyavov 16 awd tijg HB retpaydve. ¢nrov 02 ©o aro
vijg TH. ¢nrov doa [éotl] nal To dnd tij¢ HB" ¢y doa
éotlv 1) BH. xal énel v6 and tijg HI rerpaywvov mpdg 10
and tiig HB Adpov oVx éyet, 6v TeTodywvog deududg mpog
tetgdyovoy aprdudy, aovppeteds oty ) I'H =iy HB
uixer. xai elow augorspar ¢nral” of I'H, HB é&pu
Y EZ]inras. V. Postldyovdel.ovxF. 2 zsrecyovos)
tezgaywvoy F, sed corr. 8. 6n PBV, comp. Fb.  ea] om. P.

4. ®©) HO®b. 6 BH] HBP. 6.tic]tjb 7. 0. 7]

©H b; HO. 53 F. 8. covppéroov P, et eras. ¢- V. 7
(prins) om. BVb., 9. prxe] om. F.  zfj 4 prjnes BV, 13,

ns’] om. F, in figura we'. '14. zi»] supra ser. m. 1 P. 15,
agvpuetgos P, corr. m. rec.; ovuuszeos form V. 16. oty
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est. itaque etiam HB®: ®*® rationem habet, quam nu-
merus quadratus ad numerum quadratum. quare BH, &
longitudine commensurabiles sunt [prop. IX]. est
autem BH*® +— HI? == @% itaque BH quadrata ex-
cedit HI" quadrato rectae sibi longitudine commensu-
rabilis. et tota BH rationali propositae 4 commen-
surabilis est. itaque BI' apotome prima est [deff.
tert. 1].

Ergo inuenta est BI" apotome prima; quod erat in-
ueniendum.

LXXXVI.

Inuenire apotomen secundam.

Ponatur rationalis 4 et rectae A longitudine com-
menpsurabilis HI. itaque HI" rationalis est. et po-
nantur duo numeri quadrati 4E, EZ, quorum differentia
4Z numerus quadratus ne sit {prop. XX VIII lemma I}.
et fiat Z4: AE==TH?: HB? [prop. VI coroll.]. itaque
I'H®, HB* commensurabilia sunt [prop. VI]. uerum
T'H? rationale est. quare etiam HB? rationale est.
itaque etiam BH rationalis est. et quoniam HI'®: HB?

4 rationem non habet, quam

! numerus quadratus ad nume-

B I‘ H yum quadratum, T'H et HB
longitudine incommensurabiles

;3“*—2 4 sunt [prop. IX]. et utraque
— rationalis est. itaque I'H, HB
wal § P.  1T. terodyoved] om. F, ins. m. 2 ante dvo. 6]

7 V. 18. memowsio®w F.° JZ FVb,  20. ovupesgos P,
corr. m. rec. 21. tergaydve] om. V. 22, fori] om. BFVD,
25. fotiv] Koo 4 oty (kic) b, &oa doriy V; &ea add. m. 2 F.
HB] BH BF.  26. prxee] e corr. V. HB)] Becorr. V.
& pa] om. Pg.
17*
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énrel elow Svvdus povov ocvpuergor” % BI' dpo amo-
Toun fotuw.

Aéyo 81, 3t xal devrépe.

Qu yoo petfov ot 1o dmo vijg BH vot amd tijg
HT, fotw ©o amd tijg ©. ZInel ovv éomv g td dmd
tijg BH mgog ©o dmo vijg HI, otrws 6 EA doidudg
modg tov AZ doiBudv, avacteépavte dge fotly og
t0 ano tijg BH meog 16 and tig @, ovrws 6 JE
npog tov EZ, xal éotiv éxdregog tov AE, EZ -
Tpdyovog® To dea amd g BH meds ©0 amd tiig @
Adyov &g, ov tergdymwog doududs mpds TeTodyovoy
douBudy ebuusteog doa dotlv 7 BH ©f} @ pixe. xal
dvvavar ) BH tijg HI' petfov td émd vijg © ) BH
doa tiig HI' petfov Svvarar te amd ovupéroov éavrj
pijxng. xel éory 7 mpocagudfovoe 1 I'H vff éxxeuévy
énrii 6Vppevgog tfj A. 4 BI o dmorous] 6t devrépa.
Ebonraw dpa dsvrépe amovoun n BI™ Smesp iéde
deitar. ' :

xf>

Evesty tgv telrqv dmoToujv.

"Exxcl6®m ¢nrn 1 A, xal éxxeledocay tosis dpidpol
of E, BI', I'd Adyov un &povveg mpdg aAlqjlovg, ov
TeTdyvog doudpds meds TETPayOvOY dLducv, O O%
I'B mpdg 1ov BA Adyov éyérm, Ov terpdymvog doiduos

2. 4ors PBV, comp. Fb, 8. d7] om. V. 6. doufudg]
om. V. 7. aeuBpdv] om. V. 8. oftwg] 8 taw (corr. ex
26) F. o] supra ser. F. ~ JE] E4 F. ~ 12. {otiv] ol
pynee V., piixer] om. FVb, m. 2 B. wol Svverar] m. 2
supra scr. B, -vva-in ras. V, xaf oty Fb, Bm. 1. 13, pelfoy
Fb et B, sed corr. m. 2; seq. ras. 6 litt. V. 7] in ras. m.
1B, 0 b wjgjom V. 55 BH — 14. ovppfreov] mg. «

m. 1 V (ovppéreov etiam in textu). 14. dovupéreov b, corr.
m. rec. 16. oduucreos tf #uneuévy gnrii Theon (BF Vb).
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rationales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII].

lam dico, eandem secundam esse.

sit enim &%= BT~ HI® [prop. XIII lemma]. i

quoniamest gz g — E4: 42,
conuertendo [V, 19 coroll.] erit BH?*: @’ = A4dE:EZ.
et uterque J4E, EZ quadratus est. itaque BH?: @®*
rationem habet, quam numerus quadratus ad pumerum
quadratum. itaque BH, @ longitudine commensurabiles
sunt [prop. IX]. et BH? = HI'® = @%. quare BH
quadrata excedit HI" quadrato rectae sibi longitudine
commensurabilis. et congruens I'H rationali propositae
A4 commensurabilis est. itaque BI  apotome est se-
cunda [deff, tert. 2].

Ergo inuenta est apotome secunda BI'; quod erat

demonstrandum.
LXXXVII.

Inuenire apotomen tertiam.

Ponatur rationalis 4, et ponantur tres numeri E,
B, I'4 rationem inter se non habentes, quam nu-
merus quadratus ad numerum

— quadratum, I'B autem ad B4
z_ 98 H  rationem habeat, quam numerus
\ 'K quadratus ad numerum gquadra-

\E tum, et fiat E: BI'= A4%: ZH?
B 4 r [prop. XXVIII lemma I], et

! BI':I'4=ZH?*: H®: iam quon-

16. p uu. tj 4 Bb, A pnnee V, doa) deo é'mj F.
donuy 17. doa 7 Vu BI') @ (de F non liquet).  omee
E'du 65;5(1;] ¢ et comp. P, onsq £3ss evoeiv V, om. Bb, 19,
#ns’ F (euan.). 21y 61711) nP. 22 I'd] corr.ex dm. 2F.
24. I'B] corr. ex I'd m. rec. b.
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7p0g TETEAYVOY GOLIUdY, xal memoujedw o utv 0 E
npdg tov BI, oftawg 1o and tijs A Tevpdymvov mEoS
70 &mo vijg ZH revpayovov, g 08 0 BI mpog tov
I'4, otrwg o and vfig ZH verpdymvov mpdg 0 amo
5 vijg HO. énmel ovv dotwv ag 6 E mpdg vov BI, ovrag
70 amd tijs A terpdywvov mdg To amo thg ZH re-
Tpdywvov, cvpustgov dge Zotl vo amd tig A tTevod-
yovov 16 and vijg ZH terpaybve. nrov 0% To amd
g A tergayavov. Gnrdv doa xal To amd tig ZH:
10 ¢ty doa éotlv ) ZH. nal émel 6 E moog wov BI
Adyov o¥x &gz, Ov TeTpdywvog doLONdg YOS TETPAYOVOY
aoududy, 008’ &ga To dxd tijg A verpdymvov medg TO
and thig ZH [vetgaywvov] Adpov &yat, Ov terpiywvog
agudpdg meog TeTeayavoy dgududy' devpuctgos doa
15 éotlv ) A v ZH wixe. mdlw, énel doviv og 6 BIT
ngog tov I'd, ofrmg 1o dmd 17g ZH tsvpdyavov meog
70 &nd rijg HO, evpucrpov doa fotl 10 awd riig ZH
e and vijg HO. ¢nov 6% 10 and wijs ZH' gnrov
doa xal ©o and tijg HO' §quy doa éotiv ) HO. xal
20 émel 6 BIT mpdg tov I'd Adyov ovx Eye, Ov vergd-
yovog deidpds meodg Terpdymvov deududv, o0vd’ dea
70 dno g ZH mdg t6 amd tijg HO® Adyov &ye, ov
reTpayovog apududs mdg TETEAY@VOY dQUIUOY EoUN-
pergog doo fotlv 9 ZH zjj HO pixs. xal elow dp- *
925 @otepar fnral” of ZH, HO doe ¢nral &lor dvvius
pévov ovppergor’ amotous dea dotlv 7 Z6,
Aéyw 81], otv xal ToiTY.
‘Enel pip otiv g utv 6 E mpog tov BI', otrag
10 dmd vijg A TeToiyovoy meds TO dxd tig ZH, dg
1. memorelo®w F. 4. ZH] corr.ex AHF. 6. A tered-
yovovr] 4 V. 7. %t{]om. V. . rereayovov] om. V. 8. re-
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jam est E: BI'= 4%*: ZH? A4® et ZH® commensura-
bilia sunt [prop. VI]. uerum 47 rationale est. itaque
etiam ZH?® rationale est. quare ZH rationalis est.
et quoniam E: BI" rationem non habet, quam numerus
quadratus ad numerum quadratum, ne A4* quidem ad
ZH? rationem habet, quam numerus quadratus ad
numerum quadratum. itaque 4, ZH longitudine in-
commensurabiles sunt [prop. IX]. rursus quoniam est
BI':T4d=ZH*: HG,

ZH? et H®® commensurabilia sunt [prop. VI]. uerum
Z H?® rationale est; itaque etiam H®® rationale est.
quare H@ rationalis est. et quoniam BI': I'A rationem
non habet, quam numerus quadratus ad numerum
quadratum, ne ZH? quidem ad H®® rationem habet,
quam numerus quadratus ad numerum quadratum.
quare ZH, H® longitudine incommensurabiles sunt
[prop. 1X]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z@® apotome est [prop. LXXIII)

Iam dico, eandem tertiam esse.

nam quoniam est E:BI'= 4:ZH? BI':I'4 =
ZH?: ®H?, ex aequo [V, 22] E: I'd = A% : @OH®.

Tpayave)] om, V. d¢] dow, add. 3¢ m. 2, V. 9. zerea-
yovoy] om. V. 12 ovdé b.  13. tsrquymvw] om. P. 18.
7j] corr. ex tij¢ B, zijs F. 18. vév] om. B. 17. HB8) e
corr. F.  18. 6] nqoc 7] Fb éméy — ZH] mg. m. 1°V.
19. &ea xal] in ras. éyei — HOJ] mg. m. 1 dotty
om. b. 21. ovdé b. 22 'FJ (alt.) supra scr.m. 1F. HO
Herss. V. 24 ZH] HZ 25. af — &lo] mg. m. 2 B,
in textu of elo, elowy P.  27. tolrn] corr. ex énzy m. 1 P.
28. otirw B.



10

15

20

25

264 TTOIXEION /.

0} 6 BI meog tov I'd, oVrwg ©6 dmd tiig ZH mpdg
7o dno t5jg ®H, 8. isov doa fotlv wg 6 E medg tov
I'd, ottwg 6 axd tijg A mpdg 10 and i OH. 6
0 E mpog tov I'd Adyov odx &ya, Ov tetpdymvog
aguBuds mpdg rergdymvov deududy: ovd dea TO dmod
tijg A mpog ©0 and tijg HO Adpov Eye, 0v rerpdymvog
aouBuds meog TeTedyovoy Apududye acvupereog doo
N A v HO wixe. ovderépe dga tov ZH, HO ovu-
pereds oy i Exxepdvy fnri v A pixe. & ovw
ueitov Zove ©o dmd i ZH tot amd g HO, éore
to dxd vijg K. Znel ovw dorww &g 6 BI mpog tov I' 4,
oVtwg 0 and s ZH mog o dnd g HO, dvaoroé-
Yavte dpa dorly og 0 BI' mpog tov BA, olrwg to
ano tijg ZH rergdywvov medg 0 amo tig K. 6 o0}
BT mpog tov BA Adyov éqei, 0v terpdymvog aoududg
mMOg TETQAYy@VOY auducy’ xel 1o amd T ZH doa
medg 70 and tig K Adyov éyer, Ov tevodymvog doududs
7Pdg TETQYWVOY aQududY. 6¥uueTeds doo fotly ) ZH
v K wixe, xel dvverar v ZH ijg HO psitov 16
amd ovppéroov éevry. xal ovderdpe tov ZH, HO
ovppeteog oty ty Exxewuévy nrh i A pwixe § ZO
doa dmotown £0TL TQ(TY.

Ebonrow &ga 7 toity dmotouy 1 26O Gmeg s
detkau.

an’.

Evoelv tiv teétaoryy dxmorourv.

‘Exxeiofo ¢nry 1 A xel tfj A pixs 6vppcrgog
n BH* ¢nry doa éotl xal § BH., xal fxxelc®moav

1. 76¢] om. P. ottw B. 3. ©H) corr.ex HO V. 4,
tov 'd] corr.ex 'm. 2 F. 9. oy V. 11 BI'] ras. 2
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nerum E: I'4 rationem non habet, quam numerus gua-
dratus ad numerum quadratum; itaque ne 4* quidem
ad H@®® rationem habet, quam numerus quadratus ad
numerum quadratum. quare 4, H® longitudine in-
commensurabiles sunt [prop. IX]. itaque neutra recta-
rum ZH, H® rationali propositae A commensurabilis
est longitudine. iam sit ZH* <+ H®* = K? [prop. XIII
lemma). quoniam igitur est BI": FA ZH*: H@?, conuer-
tendo [V, 19 coroll] est BI': B4 =ZH?: K uerum
BI': B4 rationem habet, quam numeruns quadratus ad
numerum quadratum. itaque etiam ZH?*: K* rationem
habet, quam numerus quadratus ad numerum quadratum.
quare Z H, K longitudine commensurabiles sunt [prop.
IX], et ZH quadrata excedit H® quadrato rectae sibi
commensurabilis. et neutra rectarum Z H, H® rationali
propositae .4 longitudine commensurabilis est. itaque
Z0O apotome est tertia [deff. tert. 3].

Ergo inuenta est apotome tertia Z®; quod erat
demonstrandum,

LXXXVIIL

Inuenire apotomen quartam.
Ponatur rationalis 4 et rectae 4 longitudine com-
mensurabilis BH. itaque etiam BH rationalis est.

litt. V, corr. ex BE F.  t6»] om. P. I'd] eras. V, corr.
ex I''m. 1 b.  12. 7é] (alt.) supra ser. m. 1 b. 13. BT
corr. ex I'B V. 15, moog] meé» P. 16, &ea] supra scr.
19, of K — ] ZH] mg. m. 1 P. Post ueifov add. Theon:
o ¢no tis K. 7 u(m ZH i HO peifoy dvvarar &BVb F
mg. m. 1), 23. 1] om. FV, teizp] om. F. omeQ foe
Seifai] comp. P, om. Bb.  24. deifai] supsu Vo. 25 =t
F, et sic demceps 27. un*&t b, 28. ¢ P, corr. m. 2.
fotty PBV.  xal] (prius) corr. ex xe P, om. 'FV.
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dvo apuduol of 4Z, ZE, @ore 1ov AE 8lov medg
éxaregov 16v AZ, EZ loyov un &y, ov teroaymvog
dotduds mods teTeAywvov douduov. xel memoujedw
g 6 4E meog tov EZ, ovtwg t6 amd vijg BH ve-
Tpayavoy meds to amd tig HI* ovppergov apa éovi
7l dnd tfig BH ©é dwnd vijg HI. ¢yvov 0% o dmd
tijs BH' ¢nrov doa xal ©6 axd g HI" ¢y doa
dotlv ) HI". xal émel 6 4E moog vov EZ Adpov ovx
&yeL, Ov TeTgdymvog apududs medg TeTEdY@VOY GQLIUY,
ovd’ dpa td amd mjs BH medg 16 and =i HI' Adyov
ExeL, OV TETEEYOVOG GLOUOg WPds TETEdY@VOY AQLIUIY”
agvpusrog doa fotlv 1) BH =ff HI' pixer. xai &lew
dugotegas ¢nral” of BH, HI" &pa ¢nral slor Svvaus
udvov evuusrgor: amovouy Gex fotly 7 BI.

[4éy@ 81}, Ot xal Tevapry).

Qu oty pettov doti o amd tijg BH tov dmo zijg
HT, éotm to dxo tijg @. émsl olv fomwv dg 6 JE
npd3 tov EZ, obreg 10 and g BH md; 70 amd
t5jg HI, xal avaorgépavre dopa fotiv @g 6 Ed meog
tov AZ, otrwg o and i HB medg 10 and tig O.
6 0t EA mgog tov AZ Adyov ovx Exet, Ov TETRAy@VOS
apududs meds Tergdywvoy agLiudv' ovd’ dpa T amd
tijg HB mpdg ©0 dmd tijg ©® Adyov &yer, Ov Tevpdymvog
apLpudg mEog TETEAYwVOV aQLiudY’ GEURuETQOS dou
éotiv §§ BH tj ® wixs. nel dvveree § BH wijg HI
peifov t@ amd thg @ 1 dea BH tijg HI' peitov dv-
vatal 76 dmd dovppérgov favei. xof ovv 8in § BH

2. EZ] eras. V. wij] om. . 4. zév] mg. m. 1 P. &.
®oos] om. . HI'] BI' supra scr. H b. dotv P, et V
del. ». 8. oviv] dorl xal F 9. ngog — 10. wijg (pnus)]

om. ¢ lacuna relicta, 9. ag;&pov] om. V. 10. 0udé b,
11. dudpdg] om. V.  deubpdy] om. V. 12. doriv] om. FV.
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4 ' +—; et ponantur duo numeri 4Z,
Y , ., ZE, ita ut totus JE ad
4 Z E utrumque 4Z, EZ rationem

non habeat, quam numerus quadratus ad numerum
quadratum. et fiat JE: EZ = BH?*: HI™® [prop. VI
coroll.). itaque BH?, HI”? commensurabilia sunt
[prop. VI]. uerum BH? rationale est. itaque etiam
HTI™? rationale est. quare HI' rationalis est. et
quoniam A E: EZ rationem non habet, quam numerus
quadratus ad numerum quadratum, ne BH? quidem
ad HI™ rationem habet, quam numerus quadratus ad
numerum quadratum. quare BH, HI longitudine in-
commensurabiles sunt [prop. IX). et utraque ratio-
nalis est. itaque BH, HI' rationales sunt potentia
tantum commensurabiles. ergo BI" apotome est [prop.
LXXIII}. iam sit @ = BH®-+ HI [prop. XIII lemmal].
quoniam igitur est #E: EZ=BH?: HI'®, etiam conuer-
tendo [V, 19 coroll] est E4: 4Z = BH®: % uerum
EJ4: 4Z rationem non habet, quam numerus quadratus
ad numerum quadratum. itaque ne B H? quidem ad &?*
rationem habet, quam numerus quadratus ad numerum
quadratum. quare BH, ® longitudine incommensura-
biles sunt [prop. IX]. est autem BH? +— HI? =@
itaque BH quadrata excedit HI" quadrato rectae sibi

BH]l un @ prined] om. Fv. ®al — 18. ¢ntal] mg. m.
1V. 18 elay P. 14 aupuugor ovx . BI'] Be corr. g,
BHP. 15 léyo — terdern] om. PB, xal @. = 487] om. V.

17. douv] om. V. 18. meog 0¥ EZ] tod émo g EZ b,
corr. mg. m. 1, meog 6] tov b. 19. HI'] H in ras. m.
1 B. avanoewm ®. 20, -zov] om. P,z6b. BH V. 21
Ed] 4 in ras. m. 1 B.  22. 093¢ Vb. 24, doiBpér] om. V,

éoe] in ras. V. 26, BH] (alt.) mut. in HB V, HB BFb.

27. ovpuéreov b, corr. m. rec.  favr) pixee B. 9 8inq V.
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ovuuctgog Tf) éxnepdvy dyrii pixee v 4. 7 dee BI
amorou] 0TL TETHQTY).
Evonron &ga 1 tevdgry axotopr)” omep é0s dcikal.

9’

Edgety vyv néumyv anoropny.

Exxciodo dnrny 7 A, xel ti] A pixer 6vppergog
éote ) TH" ¢qry doa [dotlv] f T'H. xal éxxeloBocay
dvo agiduol of 4Z, ZE, cGere tov AE mgog éxaregov
16y AZ, ZE Aéyov mddiv uf Eyswv, Ov TeTEAy®VOG
agududs meog Tergaywvov agududy: xal memwoujedw
og &6 ZE meds tov Ed, ovrmg t6 and vijs I'H mods
10 amd tijg HB. ¢nrov doa xel td and tijg HB:
oyt Goo fotl xnal § BH. xal émel éovv dg 6 AE
ngog Tov EZ, ottwg 16 dwd tijg BH meds 16 dmd vijg
HI, 6 0% AE mpog tov EZ Adyov odx £yst, Ov Te-
Teayavos deduds mEog TETAy@VOV AQLIRoV, 0V
&pa 10 awd thig BH medg 0 and tijg HI' Adyov &ys,
0v teTgaywvog aguBuds meds TeTPdy@vov deududy:
acvupcroog dpa Zovlv § BH vfj HI" uijxe. xai sioy
auoreoar ¢ntal’ of BH, HI' dpa gyval slow dvvapse
povor cvpustgor’ 7 BI &ga amovour éotiv.

Aéyw 87, Ot xal méumwey.

Qu yao peifdv dom td dmd tijg BH tod dno rijg
HT, foto 16 and tijg ®. inel ovw dotv dg 1o dxd
tiis BH mpds ©0 amd tijg HI, otrwg 6 AE mpdg tov

1. B@a B. 2 detwwP. 8. 9] xalyF,yBI'B. Gnse
£8z1 Oetkar] comp. P, om. BFVD, 7. otiv) om. P. 8.
ZE| EZF. J4E] AE in ras. V. 9. 1év] tov 9.  maliv)
om, Fb. 10. memoteisfo F. 11. zo¥) om. P. 12. Post
HB add. evpperoov doa fotl to dno tiis HI (TH V) 16 dano
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incommensurabilis. et tota BH rationali propositae
A commensurabilis est longitudine. itaque BI" apo-
tome est quarta [deff. tert. 4].

Ergo inuenta est guaria apotome; quod erat de-

monstrandum.
LXXXIX.

Inuenire apotomen quintam.

Ponatur rationalis 4, et rectae 4 longitudine com-
mensurabilis sit I'H. itaque I'H rationalis est. et
ponantur duc numeri 4Z, ZE, ita ut
AE rursus ad neutrum numerorum A4 Z,
ZE rationem habeat, quam numerus gua-
4 1T dratus ad numerum quadratom. et fiat
ZE:Ed=TH*:HB* itaque etiam HB*
- rationale est [prop. VI]. quare etiam
e BH rationalis est. et quoniam est

AE:EZ = BH*: HI™, et 4E:EZ rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne B H? quidem ad HI™ rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
BH, HI'" longitudine incommensurabiles sunt [prop.
IX]. et utraque ratiomalis est. quare BH, HI ra-
tionales sunt potentia tantum commensurabiles. ergo
BI' apotome est [prop. LXXIII].

Jam dico, eandem quintam esse.

sit enim ©* == BH® — HI® [prop. XIII lemma].
quoniam igitur est

BH:: HI* = A4E:EZ,
i BH. {nzov 8t 76 dn6 tic THb, mg. FV. (§nrév — HE]
mg. V. a(m — 13. §nry] om. P. 15. HI') T in ras. V.

16. 093" doa] 098¢ P. 18, rerpayovov] tsroa'ymvogb sed corr.
21. dort BV, comp. Fb. 26, HI'— p. 270, 1. EZ] in ras. F.

T"Bd
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EZ, avaoroépavts dpu éotiv 6g 0 EA moog tov AZ,
ovreg o and tig BH mpog 10 ano mijc 6. & 0t EA
npdg tov JZ Acyov odx Eysi, Ov terpaymvog duipdg
npog reTgiyovoy aouducy’ ovd’ doa to dwd tiig BH
7003 O amo tiig @ Adyov Eyel, Ov TeTQdy@Vog deLBudg
np0g TErdywvov agududv’ acvpustpog doo fotiv 7
BH 7jj ® prjxe. xal dvverar y BH vijg HI' peifov
16 and tig @ » HB doa tfis HI' petfov dvvara
16 dnd qovpuétoov fevtii wijxel xel ot 7 mgoo-
wouotovoe § I'H ovupetoos 11 xxewpdvy $nrhy i A
uiue n doa BIT amotour éote méumey).

Etoyrew &oa ) méumrn dmoroun 7 BI™ Gmep éde
deikou.

’

q.

Edesiv tqv éxtnv amorounw.

‘Exxslo®w oqry % A nal roets doudpol of E, BT,
I'a Adpov un égovreg modg dAljAovg, OV TeTedywvOg
agiduo; mods reroiyovov aguiucv: éru 0 xal 6 I'B
npog Tov B Adyov uy éyérw, Ov terpaywvog apiduds
7QOg TETQAYMYOY dguduov' xal memwoujebw ag ulv 6
E nmgog wov BI', ovrwg 16 axd tijs A medg t0 dmod
ts ZH, ag 6% 6 BI mpds tov I'd, otrws td dmo
tijs ZH mpds 16 ano tijg HO.

'Enel obv dorv dg 6 E mpog tov BI', otrmg o
and tijg A mpog 16 and iy ZH, cvpusrpov &g 1o
ano g A t¢ and tig ZH. gyrov 0 1o dml g
A ¢nrov dea xal 1o and tig ZH: ¢y doa fotl xal

1. dvasteéyave — 2. Ed] e corr. F. 1. 4oziv] om.
BFb, Ea)JEP. 4 HBF. 1.6} HOF. BH]
HB BFV.  usifov] om. P. 8 do« HBV. BHP. d&v-

vatar] om. V. 9. dovpuérgov] @- inras. V, m. 2 B.  favrj
dvvarer V. 10. Post I'H eras. »nei - V. 11. BI" doa b,
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conuertendo [V, 19 coroll] est E4: 4Z = BH?: 6%,
verum EJ : 4Z rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne BH?
quidem ad @? rationem habet, quam numerus quadratus
ad numerum quadratum. quare BH, ® longitudine
incommensurabiles sunt [prop. IX]. est autem
BH? - HI'™ = @3,

itaque HB quadrata excedit HI' quadrato rectae sibi
incommensurabilis. et congruens I'H rationali pro-
positae A longitudine commensurabilis est. itaque
BI' apotome est quinta [deff. tert. 5].

Ergo inuenta est apotome quinta BI'; quod erat
demonstrandum,

XC.

Inuenire apotomen sextam.

Ponatur rationalis 4 et tres numeri E, BI', I'd
inter se rationem non habentes, quam numerus qua-
Al " dratus ad numerum quadratum; et

———— praeterea ne I'B quidem ad B4
rationem habeat, quam numerus

- quadratus ad numerum qguadra-
E— tum. et fiat E: BI' == A% : ZH?,
e
B 4 r BI':I'd = ZH?: HB%

iam quoniam est E: BI'== A4%?: ZH?, erunt A%
Z H?® commensurabilia [prop. VI]. uerum 42 rationale
est. itaque etiam ZH?® rationale est. quare etiam

12. 6mee €821 deifar] comp. P, om. BFVbL. 16, svyneicfo
B, corr. m. 2. Post E eras. B F. 18. I'B] supra add.
raB; Br'V. 19. B.J] corr. ex BI' m. rec. P. 20. me-
noijodw P, sed corr.; memowsloBo F.  piy 6] 6 pév V. 22,
té¥] om. B. 28. HO] OH b, 26. gnroy — 27. ZH]
mg. V.  27. xal] detl #al BFb. éoziyv PB.
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f) ZH. =xol énel 6 E meds wov BI' Adyov ovx &ye,
Ov terpdyovog dpududs medg terpdywvov aeududy,
008’ &oe td amd tijg A medg 1o amd tig ZH Adyov
EyeL, Ov TETQAY@VOG GQLBUOE WPOG TETPAYMYOY doLPpudy”
aovppetpog Foo fovlv § A i ZH urjxer. medwv, émel
éorv 6g 6 BI mpdg tov I'd, ovreg to dxd s ZH -
meos 10 amd tijg HO, cvpusroov dpa vo and vijg ZH
16 and tijg HO. Gyrov 6 ©o dmd vig ZH* gnrov
dpa xal o &nd tig HO' §qry dpa xal § HO. xal
énel & BI moog tov I'd Adyov ovx Exer, Ov TeTpaymvog
doududs medg teTgdywvov doududv, ovd dee TO dmd
¢ ZH mpog ©o amo t5jg HO Adyov &yer, Ov rerod-
yovog deiduds meds TeToaymvoy deududy® devuuctoog
doa dotlv 1y ZH tf) HO pixer. xal elow aupdregoar
$nral: of ZH, HO &g ¢nral elor dvvdus pévoy 6du-
uergor” 1 dGoe Z @ dmotour] éeviv.

Aéyw 81, v xal Exvy.

‘Enel pitp éotiv g ptv 6 E medg ©ov BT, oDrwg
70 adnd 17 A medg 10 ano tijg ZH, dg 0% 6 BI
ngog tov I'4, oDrwg 6 and tijg ZH medg ©d and t7g
H@®, 8¢’ loov dga éotlv dog &6 E mpds tov I'd, otrog
70 and tig A medg 16 amd tijg HO. 6 Ot E meog
tov I'd Adyov ovx &yer, Ov Tevpdywvos deiduds medg
rerpayovoy deududv otd’ dga to dmd Tig A meog
70 dnd tijg HO Adyov &ysi, Ov rstpdymvog aguBudg
wpCs TETPRYOVOY aoududy aovuuergog &pa éovlyv 7
A4 v H® wixe® ovderépa dpo tov ZH, HO ovyu-
peteds éovi T A $nri pixel. @ ovv psitdv fom

P

1. HZP. 8.030¢ Vb, 5. %/ V. A] Ko ‘té] ‘
tis F. 6. 5 BI' meog tiv B. 1. doa foti V. ~ 11. 098¢
16. ovppergor wovoy V.  16. fom BV, comp. Fb. 17. &%)
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Z H rationalis est. et quoniam E : BI rationem non
habet, quam numerus quadratus ad pumerum qua-
dratum, ne 4* quidem ad Z H? rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
A, Z H longitudine incommensurabiles sunt [prop. IX}.
rursus quoniam est
BI':I'd = ZH?: H@?,

ZH? et H®® commensurabilia sunt [prop. VI]. uerum
ZH? rationale est; quare etiam H@® rationale est.
itaque H® rationalis est. et quoniam BI':I'A ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum, ne ZH? quidem ad H&* rationem
habet, quam numerus quadratus ad numerum quadratum.
itaque ZH, HO longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurablles ergo
Z60 apotome est [prop. LXXIII].

Jam dico, eandem sextam esse. nam quoniam est
E:BI'= A*:ZH? BI':I'd = ZH®: H®, ex aequo
[V,22] est E:I'd == A%*: H®®. vuerum E:I 4 rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne 4* quidem ad H@® rationem habet,
quam numerus quadratus ad numerum quadratum. quare
A, HO longitudine incommensurabiles sunt [prop. IX].
ergo neutra rectarum Z H, H® rationali 4 commensu-
rabilis est longitudine. iam sit K? = ZH?®+ H&? [prop.

supra scr. m. 1 P. 21. fotly doa F. 24. ovd’ — 28,
aoifpév] mg. m. 2 B. 24. 008’ dea] 09d¢ b. A] 4 aqa b.

25. HO®] mut. in O H m. 2 V, ©H 217. ovdetioa aea]
nal ovderéoe BVh, 28, 75 4 6nty] § éxxepévy §neil T A
b et e corr. F (post 4 del. §nrfj). @] g b. ovv] ov P,
corr. m. 2.

Euclides, edd. Heiberg et Menge. IIL 18
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70 ano rijg ZH tov dnd vijg HO, f6re 1o dno tis K.
énel ovv dotwv ag 6 BI' mpos tov I'd, odrag 6 amd
tijg ZH mdg ©6 ano tijg HO, avasreépavr. doa éotly
s 6 I'B mpdg vov B, ofrwg td and vis ZH medg
70 dmo tiig K. 6 6 I'B mpos rov BA Adyov ovx
#yee, OV TETRAY@VOG APLONOG TPOG TETEEYOVOY QLY
ovd’ &pa 1o amd tiig ZH meog 1o dnd tiig K Adpov
&yeL, OV Tevpdymvog deLduds meog TETPAYOYOY eI uoY*
aovppuergog doa fovlv y ZH tff K prxse. xal Svvatar
% ZH tijg HO pelfov v¢ dnd tijg K* 9 ZH é&pa tijg
HO peitov dvvarar 1@ amd dovpuérgov favey unxet.
xel ovderépe tév ZH, HO oVupevgds ove tf) xxei-
uévy énry pijxse v A. 9 dga Z® amovoud] éotiy Exty.

Edgnrar dpa % &xty damovoun f ZO° Gmep &de
dstkau. ,

Qe .

‘Eav yweloy megiéynrac vxd ¢ntijg xal amo-
Toutg wewTns, 1 10 ywelov Svvauévy axorour]
éatiw.

egueyéadm yag ywpiov 1o AB vmo $yrijg tijg AT
xal amovours meurng vijg AA° Aédym, 8t % 10 AB
welov dvvaudvy amovoun foTiv.

'Emel pap amorour ot meatn ) Ad, ioro avti
npocapuofovoa 3 AH o«f AH, HA dga yral sloe
Svvdper pdvov ovppergor. xal 8An § AH ovppergog
dore tfj éxnepévy ¢y ty AL, xal 4 AH vig HA
pelfov dvvarar td amd ovupfroov favr) wixer fav

3. el om. F. 4. I'B] B FB. Bd] supra add. I
m. 1 b, 4B corr. ex B4 uel BI' V, 5. Tng] tov . 8.
fyee] ovx fz2e P 10. tp] corr. ex o m. 1 F. 73] in ras.

m. 1P, 11. gvppérgov B, corr. m. 2. 18, 5} 4 pnxe V.
14. onweg #3e dzifon] comp. P, om. BFVb. Seq. demonstr.
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XTII lemma]). quoniam igitur est BI':I'd = ZH?*: HG?,
conuertendo [V, 19 coroll] est
I'B:Bd4=2ZH?: K®

uerum I'B: BA rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne ZH?
quidem ad K? rationem habet, quam numerus qua-
dratus ad numerum quadratum. quare ZH, K longi-
tudine incommensurabiles sunt [prop. IX]. est autem
ZH?—+ H®® = K3 itaque ZH quadrata excedit H®
quadrato rectae sibi incommensurabilis. et neutra
rectarum ZH, H® rationali propositae 4 commensu-
rabilis est longitudine. itaque Z&® apotome est sexta
[deff. tert. 6].

Ergo inuenta est apotome sexta Z®; quod erat
demonstrandum.

XCL

Si spatinm comprehenditur recta rationali et apo-

tome prima, recta spatio aequalis quadrata apotome est.
Spatium enim 4B ratio-

H nali AT et apotome prima

Ad comprehendatur. dico,

4 ) E Z

r B ® I X rectam spatio 4B acqualem
N quadratam apotomen esse.
o Q nam quoniam A4 apo-
E— o F tome est prima, ei congruens
X sit 4H. itaque 4H, H4
rationales sunt potentia tan-
P M ,
tum commensurabiles [prop.
alt., u. app. " F, g8’ BVb, et sic demceg‘s 19. doms
BV comp. Fb 20 to] w V. 21, 23. yae]

om. b, m. 2 B.  meary dotlv BFV, 24 AH, HA4] in ras.
m 2 V. 27. qovppéreov F, ot V, sed corr.
18*
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Gpa v TeTagre plgst tov dwo tijg AH loov maga
iy AH nogafindi éliesimov elder verpayeve, &g
ovupsroa avtyy dugel. terpiede y JH dlye xove
70 E, xal ©¢ and tvijg EH loov napa v A H nopa-
Beprijod o éAAelmov &ldse tevpayave, xal Eotw TO VAo
1oy AZ, ZH' odppergog doa éotiv 1 AZ ©vjj ZH.
xal S tév E, Z, H onuelov 5] A magalinio
fixdwoay of £6, ZI, HK.

Kal émel evuperpds domv 9 AZ tff ZH pnxe,
xal ) AH &pa éxarépa vav AZ, ZH cvppcrgog ot
wijxer. adde ) AH ovppcteds €oti vff A xal éna-
tépa doa tdv AZ, ZH ovppsreog éori vff AT prxec.
xal éote omrn 5 AT gy dea xal éxarépe tév AZ,
ZH' dors xel éxaregov tav AI, ZK Gnriv dorw.
xal fmel ovuperedg doriv n AE vij EH pijxsr, xel %
AH &ge éxarépe vév AE, EH evpucreds éote urxe.
¢nrh) 0 3 AH xal acvppergog tff AL prjxss gyry
doa xal éxarépa tov 4 E, EH xal acvpuergog i} AT
pajxes” éxdregoy dpa téy A0, EK uicov foriv.

Kelodw 0y vd piv AI idov tergdpyavov to AM,
16 08 ZK loov terpayovov doneicde xowny yoviay
igov avrg v vmwo AOM o6 NE* mepl iy adryy
Gpa Ouiuetoov dove tda AM, NE rerpdyove. oo
avrdy dudustgog 1) OP, xal xaraysypd@da 1o oyijua.
ézel ovv loov dotl to vmd vdv AZ, ZH mepieydusvoy

1. péoer] -cg- inras. B. rov dmolm. 2 F. 2 zijy]
corr. ex zng m. 2 F.  AH] 4 in ras. F. 3. guxugu;;l supra
add. gnxee m. 2 V, diedes BF, diédn b. 4. 0] To 6.
ZH] (alt) HZF. 8. fjyfwoav] fjgd0- inrtas. m. 1 P. ZI]
mut.in ZHm. 2F. 9. tf]lezicF. 11.¢l’F. 4TIl Tle
corr. m. 1 F. 18. ouw P. 14. AI] AT’ P, I'in ras. V.

éoviv] dors BV, comp. Fb. 15, xaf] (alt) om. V. 19
dov¢ PBYV, comp. Fb.  20. nal nelolw V. = 22, 40, OM
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LXXTII]. et tota 4H rationali propositae AI" com-
mensurabilis est, et .4 H quadrata excedit HA quadrato
rectae sibi longitudine commensurabilis [deff. tert. 1].
itaque si quartae parti quadrati 4 H? aequale rectae
AH adplicatur spatium figura quadrata deficiens, in
partes commensurabiles eam diuidit [prop. XVII).
secetur 4 H in duas partes aequales in E, et quadrato
EH? aequale rectae 4H adplicetur spatium figura
quadrata deficiens, et sit 4Z><ZH, itaque 4Z, ZH
commensurabiles sunt. et per puncta E, Z, H rectae
AT parallelae ducantur E®, ZI, HK.

et quoniam 4Z, Z H longitudine commensurabiles
gunt, etiam A4 H utrique 4Z, ZH commensurabilis est
[prop. XV]. uerum A4 H, A" commensurabiles sunt.
quare etiam utraque 4Z, ZH rectae 4I" longitudine
commensurabilis est [prop. XII]. et AI' rationalis
est. quare etiam utraque A4Z, ZH rationalis est.
itaque etiam utrumque AI, ZK rationale est [VI, 1;
prop. XI]. et quoniam AE, EH longitudine commen-
surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV]. uerum 4 H rationalis
est et rectae 4TI longitudine incommensurabilis. quare
etiam utraque 4E, EH rationalis est et rectae AI"
longitudine incommensurabilis [prop. XIII]. ergo
utrumque 46, EK medium est [prop. XX].

ponatur igitur quadratum AM = AI, et spatio
ZK aequale aunferatur quadratum N5 communem an-
gulum habens 4OM. itaque quadrata 4AM, N5

PF, zav 40,0M Bb. 28. lovi] eloe V. rtergdymva] om. V.
25. t6] inras. V. tév]m. 2 F.  wequegépevov] -ov in
rag. V.
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dpdoydviov 1@ and tig EH tergayove, fotw &pa
og 7 AZ mpog vy EH, ovreg 9 EH meég viv ZH.
aAd’ g piv § AZ mpog iy EH, ovrwg v AI mgog -
10 EK, o 6t 4 EH =mpog v ZH, otrwg éorl 10
5 EK mpdg to KZ* viv doa AI, KZ péoov avdloydy
éot ©0 EK. Zovi 8t xal tov AM, N5 uédov dvd-
Aoyov 0 MN, ag & volg Eumpocdev E0elydn, xal
dote 16 [piv] AI ©6 AM revgayeve idov, 10 02 KZ
76 N5 xal 1o MN &pa v¢ EK loov éotlv. alla
10 0 pdv EK t$ 40O Zorwy ilGov, to 0t MN 19 AXE
ro &po AK loov dotl 16 TDPX pvepove xal té NE.
&0t O} xal ©v60 AK ioov tolg AM, NJE tsrpaywvoig’
Aoumov &pe 10 AB loov éorl 6 TT. 16 8¢ 2T 16
ano tijg AN dovt tevgdyovov: td dea amd vig AN ,
16 tetpdyovoy loov dotl t6 AB* f AN a&ea dvveraw
76 AB. ,
Aéyw 84, 8ve ) AN amozops] éomiv.
‘Ensl yag onrdv dorv éxdrepov tav Al ZK, xol
doviv loov volg AM, N5, xal éxdregov dga tov AM,
20 N5 ¢nrov dorwv, tovréore 16 and éxarépas tov A0,
ON' xai éxatépn Gga tév A0, ON $qr lorw. 4
medy, éxel péoov éovl 16 4O xel dovwv loov 16 AF,
uéoov &po Zotl xal O A émel otw o uiv A5
uéoov fotiv, ©o 0 NJF ¢yrov, dovpuergov Zpa Zotl
25 70 /1.., o N5 oSg ot ©o A5 :n:obg 70 NE oﬁtmg
dotiv 1 40 meds Ty ON* dovpustgos dpa éo‘rw ]

2. wjy] (pnua) om. P. 6. Post avaloyov ras. 8 litt. V. 7.
B. 8. pév] om. BFVD. 9.%6]tg b. MN]EK
inras. V. EK] MN inras. V. fonw foov V. 10. zd]
(privs) 6 V.  7@] foov dovl vd V. 16 46] in ras. m.
1P fouy foov] om. V, looy éoziy F. 6 8¢ MN loov
{otl ©6 AF- loov doa 76 4K ww V. 12. foov] om. V (supra
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circum eandem diametrum posita sunt [VI, 26]. sit
OP diametrus eorum, et describatur figura {cfr. uol. I
p- 137 not.]. iam quoniam est 4Z >< ZH = EH?,
erit [VI, 17) 4Z:EH=EH:ZH. ueram AZ:EH
=AI:EK et EH:ZH = EK:KZ [VI, 1]. itaque
EK medium proportionale est inter 41, KZ. est
autem etiam MN medium proportionale inter 4 M, N5,
sicuti supra [prop. LIII lemma] demonstratum est,
et 4= AM, KZ=NJZ5. itaque etiam MN = EK.
est autem EK wm 40, MN = A5 [I, 43). itaque
AdK=7T®dX 4+ N5 uerum etiam 4 K= AM-+4 NJ.
itaque reliquum 4B = XT. est autem ZT=AN?,
quare AN® == 4B. ergo AN quadrata spatio 4B
aequalis est.

Iam dico, 4N apotomen esse.

nam quoniam utrumque AI, ZK rationale est, et

Al =AM, ZK = NJ|

etiam utrumque 4M, NE, hoc est 402 ON?Z, ra-
tionale est. quare etiam utraque 40, ON rationalis
est. rursus quoniam 46 medium est, et 40 = A,
etiam 45 medium est. iam quoniam .45 medium est,
N5 autem rationale, 45 et N5 incommensurabilia
sunt. uerum A45: N5 == A40:NO [VI, 1]. itaque
A0, ON longitudine incommensurabiles sunt [prop.
XI]. et utraque rationalis est; itaque 40, ON ra-

est ras). 18, ZT] corr. ex B’ V. 76 8} ZT] supra scr.
m. 1 P. 6] corr. ex. t¢ FV.  15. lov{] postea ins. F.

t6] 6 F. 17 xal 5y P. 19, dove V. ~ loov] loa Bb,
om, V. NE loa V. 20. dor¢ BV, comp. Fb.  21. éours
PBYV, comp. Fb.  23. dor/] dovty P,om. V. 24, Zoxiy] dorl
PBVb, comp. F.  26. N&] (prius) corrrex NXm.1b., 4]
(tert) in ras. m. 1 P.
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A0 ) ON pijxe. xel elow apporepme fnrei’ af
A0, ON é&pa ¢nral elor dvvdper pdvov ovupergor’
dmorouy) Goa fotiv §§ AN. xal dvvatar to 4B yoglov:
y &g 10 AB ywelov Suvapdvy dmotour dotiv.

'Exy dga ywolov meguéynror vno ¢nrijs xal ta s

G’

Exv yweiov megiéyytat Omd ¢nrijs xel dxo-
toudjs d&vrépag, 1 0 ywelov dvvaudvy puéong
amorouny £6TL mQMTY.

Xoglov yag t0 AB meieréodm vmo $qrig Tijg
AT xal amoroudjc Oevtépag tig A A" Aéy@, 6w 4 10
AB yagiov dvvapdvy péong dmovour) éoti mpwry).

"Eotw yag tfj Ad mpodapuofovea 1 AH* of dpa
AH, HA §yrel elor dvvaper povov ovppergor, xal 3
npooaguolovoe 7 AH ovppsteog €6te T Exxeiusvy
¢ty tfj AT, n 8% 0An 1 AH tijs mpocapuofovons
tijg H A peifov dvvaral 16 dnd ovupéreov favrf) urjxs.
énel ody § AH vijg HA ypeifov dvvater 16 dmd ovu-
uérgov favty, dov doa T TETHQPTEH MEQEL TOU AWO TG
Hd4 ioov maga v AH napafindf éAdstmwov &ide
rerQayave, &y ovppetoe avriyv diaigel. rerurede
ovv ) 4H dlye xea 16 E° xal 16 ano vijg EH isov
nagk 1y AH negafefinodo Aicinoy elde tevpaydive,

2, ON] NO e corr. V. ¢loy V, sed v del. 4. té 4B

cdea V. B, xal ta éEiig] xal dmoropds modtyg, 7 6 ywelow

dvvapévy dmworopr éomiy Theon (BFVb). 8. péon BF VDb
et P, sed corr. m. 1. 11, 44] 4B b; 8% A4 P, corr. m. 1,
12. 4B] corr. ex 44 V. péon BFb, et V, corr. m. 2. 14,
Hd4d] gH'F. dvvapéyy V, corr. m. 2. 16. tT-]GJ om. F.
17. Hd4] eras. V. Ante ovppéreov rae. 1 litt. V. 18,
4AH] H in ras. V, tis] corr. ex ¢y m. 2 V, 19. t0v]
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tionales sunt potentia tantum commensurabiles. quare
AN apotome est [prop. LXXIII]. et quadrata spatio
AB est aequalis. itaque recta spatio 4B aequalis
quadrata apotome est.

Ergo si spatium comprehenditur recta rationali,
et quae sequuntur.

XCIL

Si spatium recta rationali et apotome secunda com-
prehenditur, recta spatio aequalis quadrata mediae
apotome est prima.

Spatium enim 4B recta rationali A" et apotome
secunda 4 4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen primam esse.

nam A H rectae 4.4 congruens sit. itaque A4H,
H A rationales sunt potentia tantum commensurabiles
4 4 _E Z 4 [prop. LXXITII}, et congruens

' 4 H rationali propositae AI"
commensurabilis est, tota au-

d B 61 tem A4H quadrata excedit
4 1*; 4 congruentem H.A quadrato

5 2 rectae sibi commensurabilis
longitudine [deff. tert. 2]. iam

quoniam A4 H? excedit HJ?

P X quadrato rectae sibi commen-

surabilis, si } H4® aequale rectae 4 H adplicatur spatium
figura quadrata deficiens, in partes commensurabiles
eam diuidit [prop. XVII). iam A H in puncto E in
duas partes aequales secetur. et quadrato EH?® aequale

0 b. 20. AH] H e corr. V. 21, diwedel Theon (BF VD).
Dein add. uifxee V. 22. 4H)ecorr. .2 V. EH] 6HP.
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xal E6tw 16 Omo tov AZ, ZH' ovupergos &pa forly
9 AZ v ZH prxe. xal 7 AH &po éxavépe 1ov AZ,
ZH oduustedy doru pixes. ¢nry 0 1 AH xal dovy-
petpog tfj A wixers xol éxavépe doa tv AZ, ZH
onri} éoti xal dovpperpog i) AL prxes Exavegov doa
raov AI, ZK péeov édoriv. malww, émel ovupergdg
dottv §) AE vfj EH, xal vy 4H dga éxatépa tov AE,
EH ovpuergds éotwv. ald’ 7§ AH ovupeteds ot tff
AT pixse [fnrn doa xal éxarépa 1oy AE, EH xal
ovupergos vfj A wixel). éxdregov &oa tév 40, EK
gnroy éoruv.

Zvveordrm ovv v utv AI loov tergdywvov To
AM, 6 0t ZK loov aguoncde 0 N5 mepl v
et yoviay &v 16 AM iy Ond téy AOM: mepl
v avryy Gpa éovl diduetgov ta AM, N5 terpdyova.
forw avredv ddustpog 1 OP, xal xevayeypdpdw to
oriua. émsl ovv ta AI, ZK péoa ot xal lorwv loa
roig and rov A0, ON, =al to ano tdy 40, ON
[dpe] uéoa éotiv: xal of AO, ON &ga uécar &lol
dvvdust puovov edupetgor. xal émel ©d vmod Tdv AZ,
ZH tigov Zotl v amd tijg EH, fovwv doa wg 7 AZ
703 v EH, otrwg ) EH mpdg v ZH* ¢Ad’ og
ptv § AZ mpog vy EH, otrwg 6 AT medg ©0 EK:
&g 08 7 EH mpds tv ZH, ovrws [fotl] 0 EK medg
0o ZK' tdv &px AI, ZK péoov avddoydv éomt 1o

1. dovppzreog b, sed corr. 2. Post pyxee add. xel du
oy E, Z, H onpelov tj AT negalinlos fiydwcay of EO, Z1,
HK (corr. ex ZK V). nel émel ovppeteos éory n AZ ojj ZH
prixer b, V mg. m. 1, F mg., sed euan. 4. &oe] om. FV. 6.
AI] mut. in AZ F, AZb. ZHDb, et e corr. F.  éou BY,
comp. Fb. 7. § 4H] H4 F. 8. éouu]l m. 2 B. 9. §nrg

— 10. pynee] om. P. ~ 9. 4E, EH] E bis in ras. V.  10.
xal Exazegov b, 11. ozt PBYV, comp. Fb, 12. t6] corr.
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rectae 4 H spatium adplicetur figura quadrata deficiens,
et sit 4Z>< ZH. itaque 4Z, ZH longitudine com-
mensurabiles sunt. itaque etiam 4 H utrique 4Z, ZH
longitudine commensurabilis est [prop. XV]. uerum
AH rationalis est et rectae 4I' longitudine incom-
mensurabilis. itaque etiam utraque 4 Z, Z H rationalis
est et rectae 4 I longitudine incommensurabilis [prop.
XIII]. quare utrumque AJ, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH commensurabiles sunt,
etiam AH utrique 4E, EH commensurabilis est
[prop. XV].}) wuwerum AH, AT longitudine commen-
surabiles sunt. ergo utrumque 46, EK rationale est.

iam construatur quadratum AM == A4I, et spatio
ZK aequale auferatur N5 in eodem angulo 40M
positum, quo 4 M. itaque quadrata 4M, N5 circum
eandem diametrum posita sunt [VI, 26]. sit OP
eornm diametrus, et describatur figura [cfr. uol. I
p- 137 not). iam quoniam AJ, ZK media sunt et
Al = A0, ZK = ON?, etiam 40% ON? media sunt.
quare etiam 40, ON mediae sunt potentia tantum
commensurabiles. et quoniam AZ ><ZH == EH?, erit
[V,11) 4Z:EH == EH:Z H, verum AZ: EH=AI:EK

1) Hoc promptiuse ex prop. VI conmcludi poterat; nam
AH=2dE =2EH.

ex6V,wF. 14, ov té AM] e corr. F. tr)v o P. ta'wl
om, A 15. dorey doa V. 17. Post &oz/ eon: x«
avppma allrllmc (BFVb in V post xaf ras. 1 htt) fooy F.

19. &ga] om. péoar elol J), sed corr. éer/ PB, com
Fb. ua(} corr ex Jv- V. af — 20. dv-] mg. m. 2

19. elol] aloiv 1éyw 311 nal P, 20. pdvov] eras. dv(metqa
V, corr. m. 2. xal ézu}' émel yag P. " 21. lctl] supra scr.
m.1F. forw] corr. ex lsov m. 1 F. 28. AI] AH 24.
d6z{] om. P. " 26. ZK] (alt) Z corr. ex K m. 1 V.
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EK. é&ote 0t xal védv AM, NE terpayovov péoov
dvdioyov 6 MN* xal éovwv loov o putv AI 1 AM,
td 0} ZK v NE' xal v6o MN é&ga loov éotl v6 EK.
éire 16 utv EK loov [éotl] 70 46, tg 6t MN igov
10 A5 Gdov &ga td AK lgov dotl 16 TP DX pvapove
xal 1 NJE émel odv GAov ©0 AK lgov éotl tolg
AM, NE, av ©0 4K loov fotl 1 TP X yvapove
xal ) NJE, Adoumov dga 0 AB loov éovl vg TZXZ.
10 0t TZX é6rt ©0 amd vijg AN" 0 and tig AN &g
loov éotl t AB yweln 7 AN &pa dvvarar 6 AB
10Qlov.

Aéyo [01), Ove ) AN péong emovour éote modTy.

’Enel yag ¢nrov ot 10 EXK xel dovww iloov tc
AE, ¢nqrov Gga fovl v AE, vovtéers 6 vVmd raw
A0, ON. péeov 8% 88siy0n ©0 N5 acvpuergov doa
éotl 0 A% w9 NE &g 0t 0 A5 meos ©o NS,
obrwg éotiv 1 A0 meég ON" of 40, ON dpa devy-
perool elov pnxer. of dge A0, ON upéoar elol dvvape
udvov guppergor onrdv mepiéyovoar §) AN dpa péang
dmotouy éote meawrn® xal dvvarar ©6 AB ywmglov.

‘H apa 6o AB yweiov Svvaudry uéong dmotous
éote mpdiTy Omep éder Osiba.

oy’
Eav ywolov mepiéynrar vxo $ntijg xel dmo-

1. EX]EIF. NE] MN F, sed corr, 8. ZK] corr. ex
KZmw.1V. 4.1¢]ww V. {or/]om.P. 4] WV, 6]t V.
foov fot{ Bb. 5. 70} (prius) 7 Vo. 7. av] ov @.  dor(]
m 2 F. 8 TZ]in ras. V. 9 v 8 TZ éori] rovréer B.
10. foriy P, 16] 70 omo s P; to dnd tijs AN mg. m.
1b. 12 97) om. P. péoy PBFb, péane o, e corr. m, 2 V.
doruv P.  18. 10 EXK — 14. 6 4E] in ras. F. 13, 361")
fors b.  Post foov add. té (xt6 F) NM tovréere Fb, m. 2
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[VL 1] et [id] EH:ZH=EK:ZK. quare EK me-
dium est proportionale inter 41, ZK. uerum etiam
MN medium est proportionale inter 4 M, N5 [prop.
LT lemma]. et A= AM, ZK = NJ5. quare etiam
MN=EK. uerum 4@=EK, A= MN [I, 43)].
quare JK=T®X-+ NZ. iam quoniam AK=AM-+|+Ng,
quorum JK = T®X 4 NJ, erit reliquum 4B = TZ.
sed TX==AN?3. itaque 4N?=_4B. ergo AN qua-
drata spatio 4B aequalis est. ’

Jam dico, 4N mediae esse apotomen primam.
nam quoniam EK rationale est, et EK == 45, etiam
A5 rationale est, hoc est 4/0>< ON. demonstrauimus
autem, N5 medium esse [u. p. 282, 18]. quare 4.5,
N5 incommensurabilia sunt. est autem

AE : N5 = A0:0N

[VI, 1}. quare 40, ON longitudine incommensura-
biles sunt [prop. XI]. itaque 40, ON mediae sunt
potentia tantum' commensurabiles spatium rationale
comprehendentes, itaque 4N mediae apotome est prima
[prop. LXXIV]. et est 4N*=A4B.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est prima; quod erat demonstrandum.

XCIIIL.

Si spatium recta rationali et apotome tertia com-

16. foziv P. 6 NX]| m. 2 B.  ag 3¢] xal dg dox B.

17, éoziv] om. V.  meog =iy FV.  &oa — 18. pixes] dv-
vauee elol povoy cvpperpor in ras. V, mg. add. m. rec.: dex
piner eloly dovppeteor Ta 8t dn’ adrdy terodywve dvupeten”
af A0, ON doo. 17. gvpperoor F. 19. AN] ON b,
AHF. puéon BFVb,  21. 7 — ymeler] om. @.  duvwva-]
in spatio 9 litt. F. péon BFb. 22. dmze £3z: deiten] comp.
P, om. BFVbh.
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rouss Telrng, f td ymelov Svvaufvy péeng
amorout €6t devréga.

Xwolov pag 16 AB meuspéobm vmd gnrijs tijg AT
xal amotoung Toltns tig AAd- Adym, Ouv §) ©d0 AB
qoelov Svvapévy péens amotour) éove devrépa.

"Eete yag vij AA mpoosepuofovea 3 AH' of AH,
HA &ga ¢nral glor dvvdpss pdvov ovpuetpor, xal
ovdsrépa tv AH, HA ovpuergds dove pixee i éx-
xeuévy gnrq vij AT, % 8% 6An  AH t4g mpooapuo-
fovons tiis AH peifov dUvarar v@ amd cvpuérgov
favryl. éngl ovv 1§ AH tijg HA psifov dvveras 6
and ovpufreov favrf), édv wew TG TETdETe PipEL TOU
and tiig AH igov mapa v AH magafindf élAsimov
&lder TeTpaymve, &g ovppcroe avrny duedst. teTurode
ovv ) AH 8ya xave ©o E, xal ¢ dnd vijg EH icov
napa vy A H nepafcfinodo éiieinoy élbs vergayave,
xel &6t 10 Um0 vy AZ, ZH, xal fydwéav e tév
E, Z, H onuelov tfj A mapdiinior af E®, ZI, HK"
cbuuctpor dpa &lolv al AZ, ZH* ovppstgov &oa xal
0 AI 1 ZK. xol énel af AZ, ZH ovpperpol eloc
pixee, xel 5 AH &oa éxarépa tév AZ, ZH ovu-
uereos dove wixee. fmry 02 1 AH xal aovupcrgog
t A wiixee cove xal af AZ, ZH. éxdvegov doe TGy

1. péon BFVb. 5. péon BFD, et V, corr.m.2.  orw P.
9. -agpof- 1 in ras. V. 10. dovppérgov b. 11, émel — 12.
favrfj] punctis notat. V. 11, H4] 4H P. 12, zo?] corr.
ex to m. 1 b. 14, Seedei pnxer V., 16. @] w0 @. 18.
Hlom. V. ZI] mut. in IZ V. 19. elotv] &l- e corr. V.
20. eloww P.  23. Gote nal af AZ, ZH] xai énatéon oo
(supra ser. m. 1 V) wav A2, ZH ontn et nal dovupstoos Th
AT prixe xal Theon (BFVb)
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prehenditur, recta spatio aequalis quadrata mediae
apotome est secunda.

Spatinm enim 4B recta rationali 4I" et apotome
tertia 44 comprehendatur. dico, rectam spatio 4B
sequalem quadratam mediae apotomen esse secundam.

nam A H rectae 44 congruens sit. itaque .4H,
H 4 rationales sunt potentia tantum commensurabiles,

A 4 _E 2 4 et neutra rectarnm 4 H, HA
rationali propositae 4I" lon-
gitudine commensurabilis est,
H I tota autem .4 H congruentem
A N_ 0 A4 H excedit quadrato rectae
2 gibi commensurabilis [deff.
Y” i £ tert. 3). quoniam igitur 4H 3
/ AV excedit 4 H* quadrato rectae
sibi commensurabilis,si{H?

P I —n aequale rectae 4H adplicatur
spatium figura quadrata deficiens, in partes commen-
surabiles eam diuidet [prop. XVII}. iam 4H in E
in duas partes aequales secetur, et quadrato EH?
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, et sit 4Z >< ZH. et per puncta E, Z, H
rectae AT parallelae ducantur E®, ZI, HK. itaque
AZ, ZH commensurabiles sunt. quare 4I, ZK com-
mensurabilia sunt [V], 1; prop. XI]. et quoniam AZ,
ZH longitudine commensurabiles sunt, etiam A4H
utrique 4 Z, Z H longitudine commensurabilis est [prop.
XV]. uerum A4H rationalis est et rectae 4I" longi-
tudine incommensurabilis. quare etiam 4Z, Z H [prop.
XIII). itaque utrumque AI, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH longitudine commen-

r K
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AI, ZK péoov dotlv. mdlw, émel ovpperodg éotiv 7
AE jj EH wixer, xal § AH &pa éxatépe taov AE,
EH ovppetpds éote pijxer. $nry 0% 5 HA xal dovu-
perpog tj A pijxe gy doa xal éxarépe tév AE,
5 EH xal aovppsrgos 1} A pijxec: éxdrspov dpa tév
40, EK uéoov éoriv. nal émel of AH, HA dvvaue
povov ovupeteol sloww, aovuustgog oo fotl mixe 1
AH tfj HA. &)’ 4 pév AH i AZ ovpperpdg éote
urxge, 1 0% AH v EH' devppctgog doa éotlv 1 AZ
10 5] EH wixs. g 0t 9§ AZ meoég tijv EH, otrmg dovl
10 AI mpog 10 EK* aovuperpov doa éorl 1o AT
10 EK.
Zvveordra oty e uiv AI idov terpdyavov o
AM, 1 6% ZK igov dpperiode vo N5 megl i adrny
15 yoviav ov ©d AM* megl iy atriy &pa Oiduerody
éote 16 AM, NJE. &6t avtév diapsteog 17 OP, xal
xarayeped@do o oyfue. énsl ovv o Umod rov AZ,
ZH igov dotl td and tijg EH, fotwv doa ag 7 AZ
ngog v EH, otreg % EH mog tqv ZH. ail’ ag
utv 1 AZ mpdg vy EH, ovtwg éorl to AT mpog o
EK' &g 6t 7 EH mpdg v ZH, otrwg dotl 10 EK
npog 10 ZK* xal ag dpa 10 AI meog 10 EK, otrag
10 EK mgdg 10 ZK' tov dga AI, ZK péoov dvd-
loyov dott 160 EK. foti 0% xal tév AM, N5 terpa-
yovay pédov avaloyov 10 MN' xal éotwv icov To0
utv AI t AM, ©6 02 ZK ©p N5 xal 10 EK dpa

L]
e

o
By

1. dotiv] d6x{ PBV, comp. Fb.  Zerev] doru V. 8. prjuer]
om. B. 4dH F, HJ in ras. V., 4. ¢nrq — 5. yﬁuu%m.
2 B. 5. xal fxategor V. 6. EX] ©K P. 4ot BV,
comp. Fb.  dvwapec, ¢ enan,, V., 7. &lol ovpustoor V.

lotiv V. pixet] om. V. 8. AH] H in ras. V, deinde
add. prjxee m. 2. "Ha] dHP. ¢ld’ — 9. rfj EH] mg.
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surabiles sunt, etiam 4 H utrique 4 E, E H longitudine
commensurabilis est [prop. XV; ecfr. p. 283 not.].
uerum HA rationalis est et rectae AI'" longitudine
incommensurabilis. quare etiam utraque 4E, EH
rationalis est et rectae 4I" longitudine incommensu-
rabilis [prop. XIII]. itaque utrumque 48, EK medium
est [prop. XX]. et quoniam 4 H, HA potentia tantum
commensurabiles sunt, 4 H et HA longitudine incom-
mensurabiles sunt; nverum 4H, 4Z et 4H, EH lon-
gitudine commensurabiles sunt. quare 4Z, EH lon-
gitudine incommensurabiles sunt [prop. XIII]. est
autem 4Z: EH = 4I:EK [VI, 1). ergo AI, EK
incommensurabilia sunt [prop. XI].

construatur igitur quadratum AM = 41, et aun-
feratur spatio ZK aequale NX in eodem angulo po-
situm, quo 4M. itaque 4M, NJ& circum eandem
diametrum posita sunt [VI, 26]. sit OP eorum dia-
metrus, et figura describatur [cfr.uol. I p. 137 not.]. iam
quoniam est AZ><ZH=EH® orit AZ:EH=EH:ZH
[VI, 17). est antem AZ: EH = AI:EK [V], 1], et
EH:ZH=EK:ZK [id.]. quare etiam AI: EKe=EK:ZK,
itaque EK medium est proportionale inter 4I, ZK.
uerum etiam MN medium est proportionale inter qua-
drata 4M, N5 [prop. LIII lemma]. et 4I =AM,

m 1P 8 Post uév ras. 11i6t. V. AZ pijxee V. douv V.

9, pixer] om, V.  dpa] supra scr. m. 1 F, 10. AZ]
supra ser. J b. EH] inras. V. 11, 6] (pr.) 70 d=o ziis F.
165) mj» b. EK] EA supra scr. K b, aovppsrgoy — 12,
EK] om. P. 11, ot ﬂ.ff m. 2 F.  13. r&] corr. ex 16 m.
1 F. zergeywvey P, sed corr. 15. &%) supra scr. m. 1 F.

6] o F.  17. vnd] dmd b. 22, xal s — 23. vo ZK]
mg. m 2B, 23 10 ZK] ZK PB.

Eunclides, edd. Heiherg et Menge. ITI. 19
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igov fotl 16 MN. diia t6 ptv MN loov fotl g AZF,
10 8% EK loov [éotl] 1) 4O xal Siov dga v6o AK
loov éotl 16 TPX yvopove xal 1 NE. ot 0} xal
160 AK leov tolg AM, N5 Aowmov dpa ©6 AB {cov
éotl 190 ET, vovtéore t¢ and vijs AN teroayove:
9y AN &pa dvvarar 160 AB ymelov.

Aéym, 6t ) AN péong dmotour ot devrépe.

'Emel yop péoa 8elydn va AI, ZK xal éorv ica
tolg axd tov A0, ON, péoov &ea xal ixdrseov oV
ano tov A0, ON* uéon doa éxatépa tov A0, ON.
xol dmel avpperdy ot o AI tp ZK, avppcrgov doa
xal 10 amd viig A0 16 amd tijg ON. mdiw, émel
aodupergov &0eiydn ©o AI 19 EK, acvpustpov dpa
éotl xal T0 AM v MN, zovtéers to and vijg A0 ,
16 vmd oy 40, ON' dors xal § A0 cGevppsTeds
ot prxse t;; ON* of 40, ON dpa péoar elol dv-
vepee plvov GUupETQOL.

Aéyw 81, dte nal pégov mepiéyovouy.

’Ensl yag uéoov €0ey®n vo EK xal dorwv icov
16 md tdov 40, ON, péoov doa fozl xal ©o vmd
v A0, ON' dote afl 40, ON péoas elol dvvaps:
udvov evpustor uédov mepiEyovaar. 7 AN &pa péong
amotour} ot Sevrépa’ nal dvvarae to AB yweiov.

‘H @pa 10 AB ywelov Svvapdvn péons dmorouy)
dore Jevrédpa Omeg éder Beifa.

1. z¢] corr. ex zg m. rec. P.  t@] corr. ex 6 m. rec. P.

2, AE) AR F. 1d) corr. ex z m, rec. P.  {oz/] P, om.
BFVb. ~ 3] corr, ex 6 m. rec. Post 46 in b a.dp i~y
deinde apatmm 1 lin. nacat. 3. N.a] mut. iv NZ m. rec. B.

4. icov] (prive) m. 2 FV. 5. AN] AMP; AN F, corr.
m 2. 6 AN) Aeras. V. 7. péen BFVL. foms P. 11

evpperov] (prius) evppusreos F. 12. t7¢] corr. ex rav F.
Post .10 add. ON B et gupra m. 1 P. Tig] corr, ex



ELEMENTORUM LIBER X. 291

ZK=N}. itaque etiam EK=MN. uverum MN= A5
(I, 43], EK = 46. quare etiam 4K =T®X-+ NE.
est autem etiam
AK = AM + N5,

itaque reliquum 4B == ZT== 4AN?, ergo AN quadrata
spatio 4B aequalis est.

dico, AN mediae apotomen esse secundam. nam
quoniam demonstranimus, 4I, ZK media esse, et
Al = A40% ZK = ON?, etiam utrumque 40% ON?
medium est. quare utraque 40, ON media est. et
quoniam AI, ZK commensurabilia sunt {VI, 1; prop. XI],
etiam 40% ON? commensurabilia sunt. rursus quon-
iam demonstrauimus, 4I et EK incommensurabilia
esse, etiam AM et MN, hoc est 40* et AO><ON,
incommensurabilia sunt. quare etiam 40, ON lon-
gitudine incommensurabiles sunt [VI, 1; prop. XI].
ergo 40, ON mediae sunt potentia tantum commen-
surabiles, iam ‘dico, easdem spatium medium com-
prehendere. nam quoniam demonstranimus, E K medium
esse, et EK= 40> ON, etiam 40> ON medium
est. quare 40, ON mediae sunt potentia tantum
commensurabiles medium comprehendentes. itaque 4N
mediae apotome est secunda [prop. LXXV]. et spatio
AB aequalis est quadrata.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est secunda; quod erat demonstrandum.

toy F. 14. der/y P. MN) NMP. 16. @] corr. ex o
m 1F 16. glaly P. 18. nepiéygoveas V.  19. yag] om.
Fb, m. 2 B. 20. péooy — 21. ON (priusz] mg. Vr 22
ovpsrgoe P.  ANb.  péon BFVDb., 28. éomuiv P.  ywelov
om. Theon (BFVDL). 24. uéon BFVbL., 25, Gmeq édnt Ju‘gau}
comp. P, om. BFVb.

19*
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6o’

Eay yo@lov meguéynrar vmo ¢nrijg xal axo-
Touig TETAQTNG, 1 10 gwelov Svvauévy éAdsony
éariv.

Xoglov pap 10 AB mspusgéoo vxd fnrijs g
AT nal amoroudjs revderyg thig A4 Aéym, 6t ) 70
AB jyoplov dvvauévy éiccsov éotlv.

"Eero pag tjj AA mooowpuofovoa 1 AH* of doa
AH, HA ¢nyral elow dvvapse uévov ovpuergor, xal 3
AH oVpperds dote i éxxcpévy $qrii v A pixs,
7 0% 8y ) AH g meocapuofovons tiig AH peifov
dvvarew 16 dmd acvupéroov Eavrij wixs. émel ovw
% AH tijg HA peitov dvverar t4 émd acvupérgov
fovrfj wijxer, dav Eoa () Terdgro uéper Tov Amd Tig
AdH ioov mage vy AH magafindi éAAstmov &lda
reTpayove, &ls aovuustpe avtyy Ouwdsl.  retuodo
otw 9 AH 8y xave ©o E, xal i¢ dnd vijg EH ldov
nepa vy A H negafefliiodm AAslnov elds verpaydva,
xal &6To 10 UmO Tty AZ, ZH' acvuperpos dpa fotl
wixe, § AZ ©vij ZH. #y%woev odv ot rov E, Z, H
napdiinior talg AT, B4 of E®, ZI, HK. émsl odv
dnre] oty ) AH xal ovuperpos tff A" uijxsr, $nrov
apa doriy GAov 16 AK. malw, émel dovpperods otiy
1 AH vfj AT wijxet, xel elow aupdrepar ¢nral, pécov
dpa dotl 10 AK. madw, émel dovuuereds doviy ) AZ
1) ZH pijxer, aovppcroov doa xel 0 AI o ZK.

2. rerdorns amorouiis V. 4 éot{ BV, comp. Fb. 5.
énziis tijg] corr, ex zig m, 2 F, fnzis V. 6. A4] ABJ b,
4 in ras. m. 1 B. 7] supra scr. P. 7. 4B] om. Bb, m.
2V. 8 AJ]mut in 4Bw. . 2F, 4B b. 11. AH]HAV

12. dvvapévy P a'vypnpov B, corr. m, 2. 16, leov]
1édov @. 16. aavupserooy P, dvyystqa b.  Suelei piner V.
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XCIV.

Si spatium recta rationali et apotome quarta com-
prehenditur, recta spatio aequalis quadrata minor est.
Spatium enim 4B rationali 4T et apotome quarta
A 4 comprehendatur. dico, rectam spatio 4 B aequalem

quadratam minorem esse.
sit enim A4 H rectae 44 congruens. itaque A H,
H 4 rationales sunt potentia tantum commensurabiles,
4 4_E 2z 4 et A4 H rationali propositae
AT longitudine commensu-
rabilis est, tota autem A4H
quadrata congruentem 4H
4 N o excedit quadrato rectae sibi
42 longitudine incommensura-
a1 bilis [deff. tert. 4]. iam quon-
/ i iam AH? excedit HA4* qua-
: drato rectae sibi longitudine
P T M jncommensurabilis, si {4 H?
aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, in partes incommensurabiles eam dinidet [prop.
YVIII]. 4H igitur in E in duas partes aequales se-
cetur, et quadrato EH? aequale rectae 4 H adplicetur
spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH incommensurabiles sunt. iam per E,
Z, H rectis AI'y B4 paralielae ducantur E®, ZI,
HK. quoniam igitur 4 H rationalis est et rectae AI”
longitudine commensurabilis, 4 K rationale est. rursus

r K

]
L

17. EH]Eecorr. V. 19.46tiv PV. 20 urxaijom. V. ZH]
HZF. i P, E,Z]Z, EPFb,inras. m. 2 B. 21
Bd)] erae. V, 'Bb.  23. 6lov] supra scr. m, 1 b,  b2.
dorly P.  26. dovppergov] &- del. F.  doa fovi F.
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ovveordto ovy te pdv AI ldov rerpdymvov o AM,
16 0t ZK loov agpeiode mepl v altyy yoviey
v Um0 tév AOM ©d N5, mepl vv avryy &ga Sud-
pergov ot ta AM, N5 vevpdyove. Eoto avtédw
dudusrgog 7 OP, xal xataysypdpdo t0 oyfjpa. émel
otv 70 Umd tév AZ, ZH loov éorl ve and g EH,
dvdioyov dpu dotly og ) AZ meog tiv EH, ofrwg
n EH npog iy ZH. A’ g utv ) AZ meds tiv
EH, otrwg fotl 10 AI mog ©0 EK, wmg 02 % EH
neds v ZH, ovrag o1l 10 EK mpdg 60 ZK' tév
doa AI, ZK péoov avalopdv dott ©60 EK. &ore O
xel tov AM, N5 vevpapavov péoov avdioyov to MN,
xal éorw [oov o plv AI v AM, v 6t ZK 16 N5
xal t0 EK &oa loov éotl v MN. cida ©é piv EK
loov o1l 76 46, 16 68 MN loov éorl to AF" Giov
dou 10 AK loov éorl v TPX pvapove xal tH NE,
énel ovv GAov to AK loov farl tolg AM, N terpa-
yovowg, dv 10 AK isov éotl 16 TOX pvapove xai
6 NJE tergapove, lowwov Gga to AB loov éotl 16
ZT, rovréore 16 amo vijs AN terpapdve’ 5§ AN doa
dvvatar ©0 AB yweiov.
Aéyw, 811 %) AN &hoydg éotiv n xadovuévy éidosan.
‘Enel yao ¢qrov ot 10 AK xal lovw loov tolg
ano tév A0, ON terpaymvoig, ©0 dga Cupxsluevoy
éx vav and tov A0, ON ¢nrdv édotwv. maiw, émel
10 AK péoov éotiv, nai éorwv lgov ©6 AK 16 dlg
o 1y A0, ON, 10 dpa dlg Vmd rév A0, ON uégoy
2. Post ZX ras. 1 litt. F. 3. zé¥] om. BFV. AON
@ et, supra scr. M, b. 7o) ecorr.m.rec.b. 4. éori] elae P.
5. 7] m. rec. P. 7. AZ] AH, supra ser. Z, b, rrjv]

om. P. 8. 4Z] Z in ras. F. 9. ovtmc] odrag Zaciv 7 EH
7og v ZH* d11° &¢ piv ©) AZ meds tiv EH, ofrag b,
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quoniam A H, AT longitudine incommensurabiles sunt,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam AZ, ZH longitudine incommensura-
biles sunt, 4I et ZK incommensurabilia sunt [VI, 1;
prop. XI]. iam construatur quadratum AM= A1, et
spatio ZK aequale auferatur N5 in eodem angulo
positum 4OM. itaque quadrata AM, N5 circum
eandem diametrum posita sunt [VI, 26]. sit OP
eorum diametrus, et describatur figura [efr. uol. I
p- 137 not]. iam quoniam A4Z >< ZH == EH?*, erit
AZ:EH=EH:ZH [VI], 17). est autem 4Z: EH
= AI:EK, EH:ZH = EK:ZK [V], 1]. quare EK
medium est proportionale inter 41, ZK. uerum etiam
MN medium est proportionale inter quadrata 431,
NZE [prop. LIl lemma], et 4I =AM, ZK = NJ5.
quare etiam EXK = MN, verum 40 =EK, A5 =MN
[, 43). itaque 4K = I®X 4+ N5. iam quoniam
est AK =AM - NE, quorim 4K =TPX 4 N5,
erit 4B =XT = AN? ergo AN quadrata spatio
AB aequalis est.

dico, 4N irrationalem esse minorem, quae nocatur.
nam quoniam A K rationale est, et 4K = 40* 4 ON?,
AQ? 4 ON? rationale est. rursus quoniam 4K medium
est, et JK=240><ON, 240><ON medium est.

dor{] om. V.  A4I] supra ger. I'b.  EH] E e com. I,
ras. 2 litt. V.  10. fox{] om. V. 11. forww P. 12, 7e-
toayovov] om, V, 13, 41] A'P. NE] Ninras. V. 14,

taov det(] dotivlsov F, leov V.  16] (alt.) 76 corr. in wév (?) V.
15. #ot/] om. V. w] V. O4gB T®d] CcOIT. ex
om 1V, zd P. dot{] om. V. 6] =6 P. 20. Te-

Teayave] om. V. 22, AH F. dvdloyos Fb.  24. tav]
ot P. 26, ON rsrpaywveoy V. fdou BVb, comp. F. 26.
{ot(v] comp. F, 6t/ PBYb. 16 4K]Jom.V. <za] ecorr. V.
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dotiv. xal émel dovppergov &eiydn to AI 16 ZK,
dovppctpov dpa xal vo awd tiig A0 tergdywvov TG
ano tijg ON revpayovep. of A0, ON &pa Jdvvduce
eloly aovppergor molovoar 1O udy Guyxslusvoy x Tov
an’ avtov terpaysvoy $yrov, té 63 dlg vx’ atrav
uéoov. 7 AN &pa &Aoydg éovwv 1 xadovpéyy édocwy:
xal Ovvaras t0 AB ywelov.

‘H &g 10 AB ywplov dvvaudvy éidaeov fotiv:
Omep Eder Betkar.

G,

'Eav yoelov megiéynras vxd $nvis xal dxo-
rouis Tépnrng, 1 10 ywelov Svvaulvy [] peta
¢ntov uédov vd SAov morovoa foTiv.

Xwolov yap 10 AB mepueyéodwm vmd ¢$nrig Tig
AT xol dmotopsjs méumeng tijg Ad" Adyw, Gu % o
AB yoplov dvvauévy [1)] pere fnrov uésov 1o Glov
motovoa foTiv.

*Eore yag tvf) AA meocagudtovea § AH" ol dee
AH, H4 §nral elov Svvdust udvov evpucroor, xel 3
npocapudfovea i Hd ovpusreds éote pajxss t1 éxxee-
uévy Onrii v AT, 7 0% 8An % AH tig mpocapuo-
fovong tiig AH petfov dvvarar 16 amd devpusroov
favefl. dav doe T tevdore uéper tov amd tig JH
loov mape Ty AH magafindyj éAdetmov &lds terpa-

1. 6t/ BVb, comp. F. 2. sdppergoy B, corr. m. 2.  doa
dott V., tezq&ywvovJ om. V. 8. acvppereol elor Svvaper V,
deinde del. m. 2: did 0 dcdregoy Gsddgnua tod fifliov. 6.
AH F. dwvaloyog P, sed corr. 7. AB] B corr.ex ' m. 2 F.

8. dot{ B. 9. Gmeg ¥8s¢ 3eitas] comp. P, om. BFVDL. 12
7] (alt) om. FVb, m. 2 B. 18. oru BV, comp. Fb. 16,
7] om. FVb, m. 2 B, 20. Hd) in ras, m. 1 b, 4H P.

prixe] om. V, 21, AT piixee V. 22. gvppéreov B, corr. m. 2.
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et quoniam demonstrauimus, 4I et ZX incommensu-
rabilia esse, etiam 40?% ON? incommensurabilia sunt.
itaque 40, ON potentia incommensurabiles sunt ef-
ficientes summam quadratorum rationalem, duplum
sutem rectangulum medium. quare 4N irrationalis est
minor, quae uocatur [prop. LXXVI]. et 4N*= 4B.

Ergo recta spatio 4B aequalis quadrata minor
est; quod erat demonstrandum. '

XCV.

Si spatium recta rationali et apotome quinta com-
prehenditur, recta spatio aequalis quadrata recta est
cum rationali totum medium efficiens.

Spatium enim 4B recta rationali 4I" et apotome
quinta 44 comprehendatur. dico, rectam spatio 4B
sequalem guadratam rectam esse cum rationali totum
medium efficientem.

nam AH rectae 44 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,

4 4_E Z 4 et congruens H . rationali
propositae 4 I' longitudine
commensurabilis est, tota au-

d B I % tem 4H gquadrata excedit
41 Yoo congruentem A4 H quadrato
) rectae sibi incommensurabilis

[deff. tert. 5). itaque si § JH?
aequale rectae 4/H adplicatur
spatium figura quadrata de-
ficiens, in partes incommen-
surabiles eam diuidet [prop.
XVIII). 4H igitur in puncto E in duas partes aequales
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y&ve, &g dovpuetor avtny Swdel. Terpicdw oty g
AH 8iye xeta vo E onuelov, xal td dnd tijg EH
ioov maga tyy AH magefefiode éAdsimov elde ve-
toaywve xal iotw 0 Tmo tdv AZ, ZH" dovppctpog
Zoe éotiv ) AZ vij ZH pixs. xal émel dovpperods
éorv ) AH tfj T'd pijxer, xal elow aupdrepar dnral,
uéoov dgo dorl ©0 AK. mdiw, Emel $nry domiv 1)
AH xal oVppergog vf) A wijxe, dyrov éote v6 AK.
ovveordtm ovv ve pdv AI ldov tergdymvov vd AM,
1 0t ZK loov tergdymvoy apnenode té NE mspl
v ety yoviay iy vnd AOM' =mspl iy abmyy
doo Oausrody dove ta AM, NJF rerpdpova. #otw
avtov Outuetpog 1 OP, xal xatayeppdpdo Td oyijue.
ouolag 8y deltopsy, 6t ) AN Ovvarew 10 AB ywplov.

Aéyw, 8t ) AN 4 pera qrov péoov o Glov
wotovoe éoTiy.

‘Enel yop uloov delydn téo AK xal éotwv loov
rolg amo 1oy A0, ON, 16 &oa cupxelusvov &x tay
and 1oy 40, ON péoov éotiv. mdalw, émel dnriv
ot 10 AK xal dotv igov v6 dlg vmo 1év 40, ON,
xel aitd gnrov dorw, xal émel asvppsredy dovi 1o
Al ©¢ ZK, dovpucroov dga fovl xel t0 ano tijg A0
t6 and g ON* al 40, ON dga dvvdust elolv aovu-
peror morooar 1o ptv Guyxeiuevov éx THYV an’ avTeY
rergayodvoy péoov, 1o 8t Olg U7 avtéy gyrov. 9
Aoy dga B AN &Aoydg fomv % makovuévy pera

1, Post deedei del. prjmee V. 3. AH} He corr. m. 1 V.

4. 6] corr. ex 16 P. 5. z7j] supra scr. m. 1 b. . Post
pnxee add. xal fjy@ocay did réy E, Z. H 57 AT (A b) magdl-
inlot «f E®, ZI, HK b, mg. FV. 6. I'd] in ras. V, AT P.
8. Ante avpperoos ras.1 litt. V.  doa dotd Vb, m.2 F. 9.
forarm b, form V.  10. reroayovov] supra scr. F. 70 NZ)
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secetur, et quadrato EH?® aequale rectae 4H adplicetur
spatium figura quadrata deficiens et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
et quoniam 4H, I'4 longitudine incommensurabiles,
et utraque rationalis est, 4 X medium est [prop. XXI].
rursus quoniam 4 H rationalis est et rectae AI' lon-
gitudine commensurabilis, 4K rationale est [prop.
XIX] construatur igitur quadratum AM = A4I, et
spatio ZK aequale auferatur quadratum N5 in eodem
angulo 4OM positum. itaque quadrata 4M, NX
circum eandem diametrum posita sunt [VI, 26]. sit
OP eorum diametrus, et describatur figura [uol. I
p- 137 not.). eodem igitur modo demonstrabimus,
esse AN?= 4B.

dico, AN rectam esse cum rationali totum medium
efficientem. quoniam enim demonstrauimus, 4 K me-
dium esse, et 4K == 40*+ ON?, 40* 4 ON? medium
est. rursus quoniam 4K rationale est, et

AdK =240 > ON,

hoc et ipsum rationale est. et quoniam A4I, ZK in-
commensurabilia sunt, etiam 40% ON? incommensu-
rabilia sunt. quare 40, ON potentia incommensu-
rabiles sunt efficientes summam quadratorum mediam,
duplum autem rectangulum rationale. itaque reliqua

om. Theon (BFVb). 11, ¥m0 @y BFb. AOM o N5
(M5 ¢) Theon BFVb). 12. don:] elov inras, m. 2 V. <«
inras. m. 2 V. AM] Ainras. m. 2 V. 18, ovyxelusvor
om. V. 19. ot/ BV, comp. Fb. 21. avrd] ro dlg doa vmo
tévy A0, ON Theon (BFVb). Zoui PBV, comp. Fb., 282.
AI] mut. in AEm. 2 F, 4E b, 23. ON] (prius) e corr. V,

26. l:'7] om. B. 26, xalovpéyn] xa- supra ser. m. 1 b, 9
perad b,
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¢nTov péoov o GAov moiovoe' xal dvvarar to AB
qoelov.

‘H t6 AB &pa yoplov Svvepdvy psra $nrod péoov
70 8Adov mowovea feriv Omee 0 dstka.

’

Gs.

‘Eav yoelov megiégntar Vo ¢nrijs nal amo-
toutjs fxtng, 1 16 ywelov Svvauévy pera péoov
pé6ov 76 6iov morovod £6Tiv.

Xwelov pag 10 AB megueyéodm vnd ¢nrijg vig AT
xal dmotoutig &xrng i A4 Aéyw, G 1 6 AB
gwolov Svvaudvy [1] pera péoov uéoov ©o 6Aov moloved
doriv.

"Eoto yep v A4 mposapuifovee n AH* af dpx
AH, H4 {nral gle. dvvdues uévov ovuuergor, xel
ovdetépa avrdy G¥pucrods fove Tff éxxewpbvy Ty i
AT pijxer, # 0% GAn n AH rﬁg xpoo‘apyogodo’qg tﬂg
4H p,stgov vaawc T@ and devpuTeov eavm y.mm.
énel ovv § AH 'mg HA y,sl’tov Svvarer 6 dwd dovu-
pérpov favr pixee, fov dpe TG Tevdpre wlgst Tov
and g JH loov mape vy AH nogafindi éAdsimov -
&l0ee revpayave, el dovppston atryy dicdsl. rerpeda
ovv § AH 8(ya xate: 16 E [enuetov], xal 76 dnd vig
EH ioov maga v AH napafefiodo éilsimoy elde

8. dea t6_AB V. doa] om. PB, m 2 F. zw(uov .
apa B. 4, ome@ #8er deifor] comp, P, om. BFVD.
o=’ P, 8. dore BV, comp.Fb." 9. 4B) ABL'P. 10. Entng
ziig] corr. ex Extng m. rec. P. i1, 7] om. BFVb, 14.
#al odderéea) in ras. F. 16, avedr] zav 4 H, Hd BVb, e
corr. F.  16. zij¢] (alt.) = F. 11 dvyy.stqov P. eavtov F.
18, fuec'— 19. pnxe] mg. m. 2 B, 19, Eavtnc B, favrov F.
tov] @ b. 20. AH]) 4H B. ~m(mﬁa1muw B, maga-



ELEMENTORUM LIBER X. 301

AN irrationalis est cum rationali totum medium ef-

ficiens, quae uocatur [prop. LXXVII]. et AN*= 4B.
\ Ergo recta spatio 4B aequalis quadrata recta cum
rationali totum medium efficiens est, quod erat de-
monstrandum.

XCVL

Si spatium recta rationali et sexta apotome com-
prehenditur, recta spatio aequalis quadrata recta est
cum medio totum medium efficiens.

Spatium enim 4B rationali 4I" et sexta apotome
A 4 comprehendatur. dico, rectam spatio 4B aequalem
quadratam rectam esse- cum medio totum medium
efficientem.

nam AH rectae 44 congruens sit. itaque 4H,
H A4 rationales sunt potentia tantum commensurabiles,
4 4 E Z H et neutra earum rationali pro-
positae AI" longitudine com-
mensurabilis est, tota autem

r B ® I X 4H congruentem 4H quadrata
4 ¥y excedit quadrato rectae sibi

i NI 74 longitudine incommensurabilis
E—y g4  [deff. tert. 6]. iam quoniam
X AH? excedit HA? quadrato

- rectae sibi incommensurabilis

r x longitudine, si } 4H? aequale

rectae AH adphca.tur spatium figura quadrata deficiens,
- in partes incommensurabiles eam dinidet [prop. XVIII].
4H igitur in puncto E in duas partes aequales se-
cetur, et quadrato EH® aequale rectae 4H adplicetur

ﬁalioysvov F, nagafollopsy Vb, 22. enueiov] om. P. 16}
o F. 23 i'aow] om. V.  {oov ldeiwor V.
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TeTeaydve, xal ot to vnd tdv AZ, ZH' acvupergog
doa éotiv ) AZ i} ZH puxe. g 6% 1 AZ medg
v ZH, otrawg éotl 10 AI mpos o ZK* devuueroov
doa éovl ©0 AT ©(3 ZK. xal énel of AH, AT §nral
elov duvduer pdvov ovpuerpos, ‘uésov forl 1o AK.
mddw, éxsl of AT, AH $qral slov xal dodpuergo
wijxet, uéoov dotl xal o AK. émsl odv of AH, HA
dvvdue udvov ovpusteol slow, dovupstgos & éotly
7 AH ©ij HA wixe. dg 6% § AH medg vqv Hd,
ottwg dorl tdO AK meds 160 KA° aevpueroov dea
dorl 10 AK vo Kd. evvesrdto odv t6 plv AT
lgov tevpayavor ©0 AM, vH 0% ZK leov apneicdm
nepl Ty avtiy yoviay 1o N5 mepl tiv admyy Goa
diduerody éore 1@ AM, NE revpayova. E6ro avrov .
didpstpog 7 O P, xal xataysypapdo to oyfjua. duolwg
07 tolg émdvo dsltousv, 6ts ) AN Svvarar 1o AB
oelov. '

Aéyw, v ) AN [57] peve péoov uéeov ©d Ghov
wotovoe oTiv.

‘Enel yap uéoov €0elydn 10 AK xal éonwv igov
tolg amo vov A0, ON, td dpa evyxelpevov &x tév .
and tov 40, ON pédov Zovly. mdAw, énsl péoov
80elydn 10 AK xal éorv loov te 8lg vmd Tév 40,
ON, xal 16 8l v7o v 40, ON uéeov éotiv. xal
énel aovppctooy &0elydn vo AK ve AK, dcdpperon
[#oe] ol xal td énd tdv 40, ON zerpiyava 16
0lg vmd vwy 40, ON. =xal imel aovuuergdy dote vo™

1. dedppereoy P, corr. m. 1. 2. ZH] HZ F. 8. 4I]

dnd AIF. 4 doetv P.  AI] corr. ex A’ m, rec. P. 5.

AK] corr. ex 4K m. rec. P. 6. maliv — 7. 4K] om, P.
10. X4] 4K V. 11. Kd) corr.ex JK V. 12, dopperjcde
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spatium figura quadrata deficiens, et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
est autem AZ:ZH = 4I:ZK [V], 1). itaque 41,
ZK incommensurabilia sunt [prop. XI]. et quoniam
AH, AT rationales sunt potentia tantum commensu-
rabiles, 4K medium est [prop. XXI]. rursus quoniam
AI', 4H rationales sunt et longitudine incommensu-
rabiles, etiam 4K medinm est [id.]. quoniam igitur
AH, H4 potentia tantum commensurabiles sunt, 4H
et H4 longitudine incommensurabiles sunt. est autem
AH:HA4 = 4AK:Kd4 [VI, 1]. itaque 4K, KA in-
commensurabilia sunt [prop. XI]. construatur igitor
quadratum 4 M== 41, et spatio ZK aequale auferatur
NJ5 in eodem angulo positum. itaque quadrata .4M,
N5 circum eandem diametrum posita sunt [VI, 26].
sit OP eorum diametrus, et describatur figura [uol. I
p. 137 not.]. eodem igitur modo, quo supra, demon-
strabimus, esse 4N* = 4B,

dico, 4N rectam esse cum medio totum medium
efficientem. nam quoniam demonstranimus, 4 K me-
dium esse, et A K= 40°+4 ON? 40°+4 ON? medium
est. rursus quoniam demonstrauimus 4 K medium esse,
et JK =240><ON, etiam 240 >< ON medium
est. et quoniam demonstranimus, 4K et 4K incom-
mensurabilia esse, etiam 40*4 ON?% et 2 40><0ON
incommensurabilia sunt. et quoniam AI, ZK incom-

o NEV. 13. neel — yoviav] om.Fb, mg. m. 2 B. at’mjv]
(prius) adtiy ww vx6 AOM V. 1 NE]om. V. 14 lon
elos V. teredyove) om. V. 16, dvvarar — 18. AN] mg.
m 2V, 18. 7] (alt) om. P. 20, foov] m. 2 F. = 22
{0t/ PBVY, comp. F. ~ 24. {oc/ PBV, comp. Fb. 26. aea]
om, BFVb.
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AI 16 ZK, dovuuetpov &pa xal 0 dnd tiis A0 6
dnd tijg ON* of A0, ON &pa Svvdpa eloly devu-
uETQoL Mosovow TG TE Gupxeluevoy éx TV ax avrov
rerpaydvay uéoov xal 16 8lg vx’ avrodv péoov Fru te
1d 47’ adrody Terpdywve deduustea td Slg v’ avrév.
% dpa AN &hoyog éotiv 7 xadovuévn peve péoov
péeov o OAov mowovoa" xal dvvarar 10 AB ywelov.

‘H doe 16 ywelov dvvapévy peta péoov pddov to
6Aov mowoted foriv: Omep &8s Belkas.

qf’.

To axd amovouis mepa $nryv mapafaiid-
pEvoy midrog moLel amoTounv XA TYY.

*E6tw dmotoun 1 AB, ¢yry 8% 4 I'd, xal 16 amd
tijs AB loov mapa v I'd mapaPefiijcdw o I'E
nldrvog morovv iy I'Z* Aéyw, v 3 I'Z amovowr] éomt
nPATY). '

"Eotew pap tf] AB meocapuitovea 7 BH* of doo
AH, HB {nral elor dvvduer udvov ovuuerpor. xal
0 piv and tijg AH loov naga v I'd napafeflijodo
16 I'O, v¢ 8% and vijg BH ©0 KA. 8iov &pa ©o I'd
loov éotl tolg dmd tv AH, HB* d&v 76 I'E ldov
éotl © amd vijg AB' Aomdv &pa v6 Z.A loov foti
16 Olg Um0 rdv AH, HB. retuijede n ZM diya
xare 70 N onuelov, xal fyfm Sia vob N 1fj I'd
mapadiniog 1 N5 éxdregov doa tov 2[5, AN
loov ovl v vmwd vév AH, HB. xal émel ra dmo

2. ON] (prius) NOP. 8. te] uév BFVb., ovyneluevoy
m 2V, 4 xa]inea.m 1V, fuj s inras. V. 6. AN

corr. ex AN B, 7. moovoar . 8. ywolov] AB BFb, AB

rweloy V. 9. omee £8et Seitar] :~ P. 11. dno] om. b.
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nmensurabilia sunt, etiam 40?% ON? incommensurabilia
sunt. itaque 40, ON potentia incommensurabiles
sunt efficientes summam quadratorum mediam et duplum
rectangulum medium et praeterea quadrata et duplum
rectangulum incommensurabilia. itaque AN irrationalis
est cum medio totum medium efficiens, quae uwocatur
[prop. LXXVII]. et AN®= 4B.

Ergo recta spatio illo aequalis quadrata recta est
cum medio totum medium efficiens; quod erat demon-
strandum.

XCVIL

Quadratum apotomes rectae rationali adplicatum
latitudinem efficit apotomen primam.

Sit 4B apotome, I'4 autem rationalis, et quadrato
AB? aequale rectae I' 4 adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z primam esse apotomen.
nam BH rectae 4 B congruens

A B H
—_ sit. itaque 4 H, H B rationales sunt

r Z NK M potentia tantum commensurabiles
‘ [prop. LXXTIT]. et rectae I'4 ad-
1 plicetur I'6 = 4H? K 4 = BH®.
4 E E 4

itaque totum I'4 == AH*® -} HB.
quorum I'E == 4 B%. itaque reliquum Z4=2 AH><HB
(I1, 7). iam ZM in puncto IN in duas partes aequales
secetur, et per N rectae I'4 parallela ducatur NZ5.
itaque Z F = AN == AH>< HB. et quoniam 4H?%-}- HB®

12, moel P, corr. m. 1. 17. AB] Binras. V. BH] HB

ecorr. V. 19. AH] corr. ex A4 m. 1 F. 22 ZA] AZ P.
23. tév] om. P. 2. ZE] EZF. AN]corr.exNA4YV.
26. t6 omaf vmwo V.

Euclides, edd. Heiberg et Menge. III 20
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tév AH, HB §yrd éotwv, xal éove tolg amd tdv AH,
HB loov 10 4M, ¢nqtov dea éotl 0 AM, xal mapa
onenqy iy I'd magaféfintar mwAdrog mowovw tyy I'M"
onvy dea éotlv §) I'M xal o¥upergog v I'd pajuse.
nddwv, énel péoov éorl vo Olg vmd vav AH, HB, xal
16 6lg Umo vov AH, HB loov ©0 Z A4, pédov &pa 1o
Z 4. xal maga ¢nry vy I'd magdxsivar mharog motovy
myy ZM: §$qoy dpa éotlv ) ZM xal aovppetgog Tij
I'd psjxer. xol émel va udv dzd vav AH, HB e
éorwv, 16 Ot Olg Umd tdv AH, HB péoov, aevpucroa
Goa éotl T amd vév AH, HB t¢ dlg vmd tav AH,
HB. xal voly ulv amd vév AH, HB loov éorl 1o
I'4, ©¢ 0t blg vmd tdv AH, HB 16 ZA* devupsetpov
doa éotl td AM v ZA. &g 6% v6 AM medg to
Z 4, otrwg éovly 1 I'M medg iy ZM. ae6vupsroog
doa dotlv ) I'M tfj ZM wipxer. xel elow dupdreoas
onrals of dge I'M, MZ §qral sloe Svvdust ubvov
ovpuerpor” ) I'Z &g amotous} éotiv.

Aéyo 8%, 811 xal modiTy.

’Enel yap tdv and rov AH, HB ufeov avdioyoy
éore ©o Vmo tév AH, HB, xal d6tu v pdv dmd tig
AH loov ©o I'6, td 8% dnd rijg BH loov 70 K 4,
t¢ 8¢ vmo tév AH, HB ©6 N4, xal vov ', KA
doa udoov avdlopdv dovi 106 N A Eevwv &ga dg To
I'® mpog ©6 NA, otrwg 16 N4 mgog o KA. il
og utv 0 I'® medg 10 N A, otrmg éorly 5 'K mpog

1. §nr¢ — 2. HB] mg. m. 2 B, 1. dous] 6t PBVD,
com% F.  xal dome toig] rois 3¢ V. 8. magaxeirar Theon
(BF Vb); nagaféflnras supra add. m. 2 B. 6. @] corr. ex
26 FV. 8. otly] dotl xal F. xal dovppergog] bis b, 10.
d0r: BV, comp. b, elor F? péoa P, et ﬁ, corr. m. 1. 11,
Gea] om. B. oty P. 12, wal] xaf fore BFVbL.,  Zoc/]
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rationale est, et 4 M = 4H? 4 HB? .1M rationale
est. et rectae rationali I'/ adplicatum est latitudinem
efficiens I'M, itaque I'M rationalis est et rectae I'a
longitudine commensurabilis [prop. XX]. rursus quon-
iam medium est 2 4H><HB, et ZA4==2_ {H>< HB,
Z 4 medium est. et rectae rationali I'4 adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I’ longitudine incommensurabilis [prop.
XXITI]. et quoniam 4H* - HB? rationale est,2 4 H>< HB
autem medium, 4 H® 4 HB? et 2 AH >< HB incom-
mensurabilia sunt. et
I'd= A4H* 4 HB?, ZA4=2A4H> HB.
itaque 4M, Z A incommensurabilia sunt. est autem
AM:ZA=TM:2ZM [VI, 1]. itaque I'M, ZM
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque I'M, MZ rationales sunt
potentia tantum commensurabiles. ergo I'Z apotome
est [prop. LXXIH].
iam dico, eandem primam esse. gquoniam enim
AH >< HB medium est proportionale inter 4 H?® et
HB? [prop. XXI lemma), et I'® = 4H? KA = BH?
NA = _A4H > HB, erit etiam N4 medium propor-
tionale inter I'®, KA. quare '@: NA=NA:K A
est autem I'O: NA=T'K:NM et NA:KA=NM:KM
[VI, 1]. itaque TK>< KM= MN?[V], 17] =} Z M
om. BFVb, 18. HB] corr.ex AB m. 1 b, HB isov V. 15.
mjp] om.B. 18, dor. BVDb, comp. F.  21. Z6n:] (alt.) dozuv P.
z6) corr.ex 16 m. 1F. 22, 15 8 9no tév AH, HB lgov t6
N4, té 8t dnd vijg BH lsov vé KA* ol xzth. Theon (BF VD).
24. N4] e corr. V. Zoriv — 25. meos t0 NA] mg. m.
1P. 25 NA] corr. ex AN V.  otrag — 26. NA] mrf]

m 2B 26 NA] corr. ex AN V.  {otlr] m. 2 F.
ras. 1 litt. b.

20*
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iy NM- g 6% vo NA mog 16 KA, otrwg dorly
1 NM =mgog iy KM 15 &pa vmd vév I'K, KM
loov éotl T(h dmd tiig NM, vovréer. vg rerdere péoe
100 anl vy ZM. xal émel ovupstoov dori Td dmo
tijg AH 16 and tijg HB, ovpuergdy [éori] xal o I'O
tp KA. a@g 6} ©0 I'® mpdg ©6 KA, otrog §§ 'K
neog Ty KM' 6vpuergog &pa dotlv. 9 I'K tfj KM.
énel odv dvo s0delar dvisol elow of M, MZ, xal
r¢ veTdero péost Tob and tig ZM loov mage v
I'M nageféfinrar éiAelmov &lder terpaywve 7o Umd
wov 'K, KM, xal dot. ovppergos § I'K tfj KM,
n doee I'M zijg MZ peifov ddvarar to dnd ovupéroov
éavry) piiner. xol dorv ) I'M odpuergog tfj éxneipévy
onrii v T'A wixer 7 dea I'Z dmotour] ot medry.

T &oe amd dmorvoudjs wapd fyriy magafuliducvov
mAdrog woisl dmorouny meadryy' Omep Ede delou.

ay’.

To amd puéong amorouijs MewTYg MAP& $nTY
noegafailldusvoy wddtog mosel dmorounv dsv-
téoav.

"Eoto uéang amovoun mwedry n AB, $nri 0t § I'd,
xel T dxo vijg A B loov waga iy I'd mogafefiiodm
70 I'E mAdrog mototw oy I'Z* Aéyw, 8tv 5y I'Z ano-
tour) éore deveépe.

"Eorw pag vy AB mgosagudfovea § BH* af &g
AH, HB péoar slol dvvdus udévov odpuergor gnrov
neguégovoar. xal T plv and vig AH loov maga Ty

1. o5 8¢ — 2. XM] om. F, uidetur fuisse in mg. 2. Post
prins KM add. nel oog Ko 7) I'K meds vy NM (MN F), otrws 7
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et quoniam 4 H? HB?! commensurabilia sunt, etiam
I'®, K4 commensurabilia sunt. est autem
I'ée:K4A=TIK:KM

[VI, 1]. itaque I'K, KM commensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et $ ZM? aequale spatium rectae I'M ad-
plicatum est 'K >< KM figura quadrata deficiens, et
'K, KM commensurabiles sunt, I'M* excedit MZ?
quadrato rectae sibi commensurabilis longitudine [prop.
XVII). et I'M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est prima
[deff. tert. 1].

Ergo quadratum apotomes rectae rationali adpli-
catum latitudinem efficit apotomen primam; quod erat
demonstrandum.

XCVIIL

Quadratum mediae apotomes primae rectae rationali
adplicatum latitudinem efficit apotomen secundam.

Sit 4 B mediae apotome prima, I'4 autem rationalis,
et quadrato 4B® aequale rectae I'd adplicetur I'E
latitudinem efficiens I'Z. dico, I'Z apotomen esse
secundam.

nam BH rectae 4B congruens sit. itaque 4 H,
HB mediae sunt potentia tantum commensurabiles

NM ngés tpy KM FVb. 8. tovrionw P. 4. ovppereos P,
corr. m. rec. {ouv P, 5. éote] om. P. 11. dory P.
aovppereos F.  12. 'M] MTI e corr. V; KM supra scr.
I'b. MZ]ZMF. dovppéreov b, ¢- add. m. 2 F. 15,
naga ¢nriiv] om. V., 18, Smweq £0et Seifan] comp. P, om.
BFVb. 21, uéonp BFVb.  22. Post maea del. ¢n m, 1 P,
'] 'M F. 28, TE] corr. ex I'® m, rec. P.  26. BH]
corr, ex ZHm, 2 V. of dga] & % F. 26. sloiy B.
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I'd mogafefliiobo 10 I'® =mldrog mowovwv v I'K,
re) 0% and tijg HB loov vd0 KA midvog moiovy tiw
KM 8iov dpa 16 I'd leov dotl volg and vdv AH,
HB* péoov dga xal 16 I'A. xal mapa nryy vy IT'd
mepaxerar wharog wotovy vy M- Jnvy &pa éotlv
7 I'M xal dovuuetog ti} I'A wrjxst. xal émel ©o I'd
{oov Zotl roly dnd tév AH, HB, dv 1o énod vijg AB
loov o1l vo T'E, Aowmdv &ga o 8lg vmd rdv AH,
HB ioov éovl 16 ZA. §yrov 8¢ [dor] o Olg dmo
tov AH, HB* {qrov dge 76 ZA. xal mapa gyriy
v ZE magexetar wharog mocody thy ZM: §yvr) doa
dotl xod ) ZM nal odppergog vf] I'd pajxst. émsl odv
re ulv and rov AH, HB, toviéere vo I'd, uéoov
éotiv, 10 0t Olg vwd v AH, HB, rovréor ©o Z A,
¢nrov, acvuuergov doa éotl 10 I'd v ZA. ag 8% 1o
I'A mgdg ©0 Z A, otnwg éotlv 5§ I'M mpog v Z M-
acvuuergog dox 7 I'M v ZM wixst. xal elow du-
poreooe ¢mral: of dpa I'M, MZ §nral sloe Svvapst
ubvov ovpucteor: § I'Z &ga amorour dotiv.

Aéym 81, Ot xol devrépa.

Terurjodo yag % ZM 6(ya xava to N, xol fizdo
dix o0 N 7fj I'd magddinlog § NE éxdrspov &po
tov 25, NA loov éotl 16 vm6 vév AH, HB. xal
énel Tov and tov AH, HB terpaydvav uéeov avd-

1. 70 ¥px Peflijodw @. 16 I'@] om. V, supra est ras.

PK]TKw I'®V. 8.Td]Tdb 4. Post HB add. -

sal éore ta dmwo tev AH, HB péoa nal loa tg T4 V. 6.
énri] -viinras. P, 6. 5 I'M xaf] m. 2 F. 8. Zotl 16
TE]t I'E év @. 9. doru] om. P.” 10. &oe] dors xel V,
supra add. fea m. 2; dea xal F? (xal @). 12. lotlyv B. 14,
ot PBFY, comp. b.  HB §niéy V. ZA] I'4, supra scr.
Z,b. 15. §nov] om. V.  &ea] m. 2 F.  16. mgos 6
76 B, corr, m. 2. ~ doriv] om. V. 17. dedppergog — ZM
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p s g Spatium rationale comprehen-
e — dentes [prop. LXXIV]. et qua-
r Z NK M drato 4H*® aequale rectae I'd
' L adplicetur I'® latitudinem efficiens
L | 'K, quadrato autem H B? aequale
4 E 28 4 g4 letitudinem efficiens KM.
quare totum I'd = 4AH® -} HB®. quare etiam I' A
medium est. et rectae ratiomali I'4 adplicatum est
latitudinem efficiens I'M. itaque I'M rationalis est
et rectae I'd longitudine incommensurabilis [prop.
XXII]. et quoniam est
I'4 = AH® 4 HB?,
quorum 4 B® ==T'E, erit reliquum 2 4H>< HB =274
{11, 7). uverum 2 4H>< HB rationale est. itaque Z .4
rationale est. et rectae rationali ZE adplicatum est
latitudinem efficiens ZM. itaque etiam Z M rationalis
est ot rectae I'd longitudine commensurabilis [prop.
XX]. quoniam igitur 4H*® 4 HB?, hoc est I'4, me-
diam est, et 2 4 H>< HB, hoc est Z 4, rationale, I'4
et Z 4 incommensurabilia sunt. est autem
rd:24A=TIM:ZM
[VL, 1]. itaque I'M, ZM longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tantum commen-
surabiles. ergo I'Z apotome est [prop. LXXIIH].
iam dico, eandem secundam esse. ZM enim in N
in duas partes aequales secetur, et per N rectae I'd
parallela ducatur NJ5. itaque ZE=NA=A4H><HB.

mg. m. 2 B, 18, &pa] @, post MZ hab. F. 19. dowt BVD,
comp. F.  20. 6ui forl Vb,  deveéga dorév B. 23, 2]
Z in ras. B. 24. énel] fr: B (supra est ras.).
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Aoyov deru 1o Vmd v AH, HB, xal oty igov 1o
ulv ano vijg AH o I'®, ©o 6t vxd vov AH, HB
1@ NA, ©o 0t éxd vijg BH 16 KA, xal véy I'6,
KA &pa péoov dvdloyov éovt vo NA- ¥erv dpa og
510 I'® mgog 10 NA, ovrag v6 NA mpds ©0 KA.
aAd’ g udv 0 I'® mpdg 10 N A, ovrag éotly y 'K
npos Ty NM, ag 6t ©0 NA mpds t6 KA, otramg
dotly ) NM mpog iy MK' ag dea 1 I'K mpdg tyv
NM, otrog ety ) NM mpdg wpy KM' 16 &ea vmd
10 rév 'K, KM loov Zotl 1 amd tijs NM, rovréon
T tevdore piper vod amd i ZM [xal émel ovyu-
petov fore ©o amod vijg AH ¢ exd vig BH, ovuuc-
tedv éote xal ©0 I'® v K 4, tovtéory 5 I'K vfj K M).
énel otv dvo ebdstaw &viool sloww af T'M, MZ, xal
16 ve Terdgro pépss tov awd tig MZ loov mapa iy
pelfova vy I'M magaféfinrar ShAsimov &lds Terpe-
pave t0 vmo tév 'K, KM xel &ls ovupstoe adryy
diipel, 4 dga M wig MZ uetfov dvvatar té dnd
ovpuéroov favrfj pixst. xel foniv 7 mpooagudfovoe
20 % ZM ovppergog uijxee tf éxxapdvy énrf vif T4 %
doa I'Z amorour ote dsvrépa.
To doa amd péong dmoroutjs mEWTNG Tapa nTyY
nepafaildusvoy wAdrog woiel dmorvouny dSsvripav:

onep £0s dstbau.
26 ¢d’.

To dmd uéong dmorousjs JSsvrépag mega
¢nTyv wagaPaliopcvoy mAdrog xoLel amoTouny
TolTv.

1. dorv] dors V.  loov] supra ser. m. 1 V. 2. ¢g] in
ras. V. 8, 76] rd» mut. in o m. 1 V. 1] 15 P. 4]

26 PV. tév] 26 b. 6. 10 NA] (alt) mg. m. 2 F.  meos
t6 KA)] 10 NA ¢. Deinde del. m.1: did’ og piv 10 '€ meos
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et quoniam 4 H>< HB medium est proportionale inter
AH® et HB* [prop. XXI lemma], et AH?=TI0,
AH>}< HB=NA, BH?= KA, etiam N4 me-
dium est proportionale inter I'®, KA. itaque erit
IF&:NAde= NA:KA4. uverum I'&:NA=TK:NM,
NA:KA=NM: MK [VL,1]. quare ’K: NM==NM: KM.
itaque 'K><X KM= NM? [VI, 17], hoc est =}Z M2,
iam quoniam sunt duae rectae inaequales I'M, MZ,
et 1 MZ? aequale maiori I'M adplicatum est spatium
'K >< KM figura quadrata deficiens et eam in partes
commensurabiles?) diuidit, ’'M? excedit MZ? quadrato
rectae sibi commensurabilis longitudine [prop. XVII].
et congruens Z M rationali propositae I'4 longitudine
commensurabilis est. itaque I'Z apotome est se-
cunda [deff. tert. 2].

Ergo quadratum mediae apotomes primae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

IC.
Quadratum mediae apotomes secundaé rectae ra-
tionali adplicatum latitudinem efficit apotomen tertiam.

1) Nam 4H?* et B H? commensurabilia sunt, et
AHY:BH*=T@: KA=TK: KM
[VI, 1]; tum u prop. XL

10 N A, ovrog 70 NA meog 10 XA V. 8 NM) Ninras. V.,

9. Zotiv] om. V. 11. zov] 6 F. wal émel — 13,
KM] om. P. 12. éon:] om. Fb. Post BH del. oftog
m. 1V. 18, lou] supra ser. m, 1 FV. 14, 3vo sé&sta;;]
supraser.m. 1F. xal 6] t6 8¢ BFVb, 15, 5] e corr. V.

MZ] corr. ex ZM V. 17, 6] mut. in to m. 2 P. 18,
tijg] corr. ex 7j m. rec. V.  20. Mg. yo. doduperoog m. 1 P.

T4y g ppxse 9. 22. mpotng] om. P. 24. oneg 06t
deifat] : e P, om. BFVh.
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"Egrw ufong dmotous devtépe % AB, ¢nuy- 0% g
I'4, xal ¢ amo tijg AB looy mage ty I'd mepe-
Bepificdw vo I'E midrog motodv Ty I'Z: Adym, 6ne
7 I'Z amovous] éore vole.

5 "Edtw ydp vjj AB mgooapudfovee 7 BH' of Goa
AH, HB uéoa elol Svvdue povoy ovuuerpor uécov
neguégovoal, xal vd pdv and tis AH loov magd tiv
I'd mopafsfinodo tdo I'O zmidrvog moovv iy I'K,
¢ 8% dnd tiig BH loov mega iy KO nmepafspiicdm

10 16 K A mAdrog mototv vy KM* 8Aov &ga ©o I'A loov
dotl votg axd vav AH, HB [xal dote péoa va amd
tov AH, HB]* péoov dga xal v6 I'd. xal wage ¢qriv
vy I'd mogaféfintar midrog moovy iy I'M* gyry
dpa Zotlv §§ I'M xal acbpustoog tf) I'd pijxs. xal

15 énsl GAov ©o6 I'd leov éorl tolg amo vov AH, HB,
ov 6 T'E loov ol v dmd tviig AB, Aowmiv &pa o
AZ loov éozl td Ol vmd tdv AH, HB. retpmiode
oty 5§ ZM 0lye xara td N enuslov, xal v I'd mepdi-
Anlog fyPm f NE* éxdvepov dga tov Z5, NA loov

20 éotl e tmé tdv AH, HB. péoov &} 1o vmo v
AH, HB" uéoov doa éorl nal vo Z A, xel magée $nryw
iy EZ moagdxsitar mhdrog mowotw v ZM: ¢y
doax xal § ZM xal acvpuctog vff I'd pijxer. xal
énel af AH, HB dvvapse uévov slol abupergor, acdu-

26 petgog dge [fovl] wixes 9 AH tfj HB' dovuusrgoy
doa Zotl xal ©d dmo tviic AH v$ Umd véov 4H, HB.
dAde té wpiv and tig AH ovuusrod ot Ta dmd THV

1. péon BYV. dsvréee] in ras. V. 4. vty douly
BFVb. 9. K®] corr. ex 'O V. 10. XM] corr. ex KA
m. 1 F. I'A] corr. ex X4 V. 11. xa{ — 12. HB] om.
FVb, m.2B. "18. ¢mov P. 17, AZ] corr.ex ZA V. 21,

P
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Sit 4B mediae apotome secunda, I'4 autem ra-
tionalis, et quadrato 4 B? aequale rectae I"4 adplicetur
T'E latitudinem efficiens I'Z. dico, I'Z apotomen
tertiam esse.

nam B H rectae 4B congruens sit. itaque 4H, HB
mediae sunt potentia tantum commensurabiles spatium

4 g g  Wmedium comprehendentes [prop.

e LXXV]. et quadrato 4H? ae-
r zZ NEK M gquale rectae I'4 adplicetur I'®
latitudinem efficiens I'K, quadrato
L autem BH?® aequale rectae K@
4 E &6 4 adplicetur K4 latitudinem -effi-
ciens KM, itaque totum I'd == AH®-| HB:. et
AH? -+ HB® medium est. itaque etiam I'4 medinm
est. et rationali I'4 adplicatum est latitudinem ef-
ficiens I"'M. quare I'M rationalis est et rectae I'd
longitudine incommensurabilis [prop. XXII]. et quon-
iam est I'd = AH®4 HB?, quorum I'E = 4B}
erit reliquum A4Z =2 AH> HB [II, 7). iam
ZM in puncto N in duas partes aequales se-
cetur, et rectae I'd parallela ducatur NJZ. itaque
ZE=NAd=AH>HB. ueram AH>< HB medium est.
itaque etiam Z4 medium est. et rectae rationali EZ
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'd longitudine incommensu-
rabilis [prop. XXII]. et quoniam A4 H, HB potentia
tantam commensurabiles sunt, 4 H et HB longitudine
incommensurabiles sunt. quare etiam 4H? et 4H><HB
incommensurabilia sunt [prop. XXI lemma, prop. XI].

ZA] corr.ex Z.fm.rec. P, mut.in 4Z V. 28, xa(] (primum)
doutv V. 25 dovdjJ om. P. AH]) H in ras. V. ] om. b,
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AH, HB, ©¢ 0% Ymo vov AH, HB 76 dlg vmd rév
AH, HB" acvupcrpa épa €otl vé axd tov AH, HB
t6 Olg vwo tiv AH, HB. aid& voly pdv dnd tov
AH, HB teov éotl v6o I'd, t6 8% blg vmd vdv AH,
HB leov dotl ©o ZA* acvpustoov dGoa £otl tvo I'A
9 ZA, g 8% ©o I'd mdg 10 24, otrmg éotly 4
I’'M mgos tiv ZM: acvppsrgog e éovly % I'M i
ZM winer. xal slow appitepar ¢nral of &pa I'M,
MZ ¢nral sloe dvvapss pdvov ovuperpor' damotoun
doo éotly ) I'Z.

Aéyo &1, ove xal Tolry.

‘Enel yag ovpucredy dori 1o and viig AH e and
tiig HB, ovpustpoy &pa xal ©o I'® 16 KA dote
xel § 'K vf KM. xal énsl tév énd vov 4H, HB
uédov avdioydyv fere td vmé tov AH, HB, xal éore
¢ udv and vijg AH looy ©o I'®, v 0% dnd vijc HB
loov ©0 KA, 3 6% vmd vév AH, HB looy vd N,
xal téy 'O, KA &pa pésov dvdioyév éovi vo NA-
foriv & og ©dO I'® mpog ©0 NA, otrwg ©o NA
neog 10 KA. il og pdv 160 I'® mpog tdo N,
otrmg Eotly 9 'K mpog ty NM, ag 6% v6 N.A moog
70 KA, obrag dotlv § NM mpos vy KM' dg doa
% 'K mgog tqyv MN, ovrwg éorly § MN mpdg v
KM 16 dgea vx6 tov 'K, KM loov éotl vd [dmd
tii¢ MN, tovréon: 76) tevdoro pépst vov amd tijg ZM.
énel obv Ovo ebdstar Evieol elow of M, MZ, xal
TG Tevdoro wipe Tov amo tig ZM loov maga Tiv
I'M ragaféfinron élAeimov elder vergaymve xal &g

1, z6] ovppecgdy dore 16 TheonB(]BFVb). 2. Post HB

del. 260 ZA V. acdpperow — 3. HB] om, P. 2. devpperee
— 5. ZA]mg.m.1V. 2 &ea] om.b. fouv fea V. dzmd)
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uerum AH® et AH®*4 HB®, AH><HBet2 AH><HB
commensurabilia sunt. itaque 4H*+{ HB% et 2AH><HB
incommensurabilia sunt [prop. XIIT}. est autem

I'de= AH*{ HB?, Z4 =2 AH> HB.
quare I'd, Z A4 incommensurabilia sunt. est autem
I'd:ZA=TM:ZM [VI, 1]. quare I'M, ZM lon-
gitudine incommensurabiles sunt [prop. XI]. et utraque
rationalis est. itaque I"'M, MZ rationales sunt poteniia
tantum commensurabiles. £rgo I'Z apotome est [prop.
LXXTIT].

Iam dico, eandem tertiam esse. nam quoniam 4 H?,
HB? commensurabilia sunt, etiam I'®, K4 commen-
surabilia sunt. quare etiam I'K, KM commensura-

- biles sunt [VI, 1; prop. XI]. et quoniam AH><HB
medium est proportionale inter 4H? et HB? [prop.
XXIlemma), et ['9=AH? KA=HB3 NA=AH><HB,
etiam N4 medium est proportionale inter I'®, K 4.
itaque I'O: NA = NA: KA. est autem

I'6:NA=IK:NM, NA:KA = NM:KM
{VI,1]. quare 'K: MN=MN:KM. itaque [VI, 17]
FK>< KM = MN® =1ZM?3 quoniam igitur duae
rectae inaequales sunt I'M, MZ, et 1 ZM? aequale
rectae I'M spatium adplicatum est figura quadrata
deficiens et eam in partes commensurabiles diunidit,

om¢ B. 4. I'd]corres'dm.rec. P. 6]z V. 6. 73]
(prius) mut. intg V. 7. 'M] HI'b. ZM] MZ P, 'M b,

8. Post ZM eras. puf V. 9. MZ] ZM F.  12. ovppereos
P, corr. m. rec.  13. dox doe{ V. © KA] T4 P. 14. KM
ovuperedg foze V. ] (alt) om.b.  15. 4ori] (prius) dorew P.

17. 9wo] ano F.  20. tov KA P. 21. NM] MN be. 22,
KAl NK?P. MNF. ag — 23. tjy KM] punctis del. V.

23, MN] NMV, detvlom V. MN]NMYV. 24,
ané — 26. 76] mg. m. 1 P.



b

10

16

20

25

318 ETOIXEIQN /.

ovpuctoe avtiy Swaugel, n I'M &oa tiig MZ pelfov
dvvare Te amd evupdtoov favry. xal ovderédpe tév
I'M, MZ ovpucteds éote pixee tff éxxsepévy $qrij vh
T4 3 &ga I'Z amovout] éove TolTy.

To dpa amd pdong amovousjg devrépag mape ¢nriy
nagapulidusvoy wAdrog mowsl amovouny Teltyy' Gmep
&0er dcitar.

r

0

To dnd dAdocovos maee $nryv mapafaiid-
pevov mddrog woiel amwoTounv TETEQTYY. ‘

*Eotm #idocwyv 5 AB, $nvy 62 § I'd, xal vé dxno
tijig AB leov mape $neny iy I'd nagafefiicdo 1o
T'E midvog mowotw vy I'Z* Aéyw, 6ve §) I'Z dmorour]
dort vevagry.

*Eerw pag vij AB mpocapudfovoe §§ BH* of Zga
AH, HB Jvvdps elolv acvpuergor xotovoar vo pdv
ovpxelpsvov. éx tov amd vov AH, HB terpayovov
¢nrov, ©o 0} Ol Umod vdv AH, HB péeov. xal 16
udv and tijg AH icov maga iy I'd napefefifcfo
t6 I'® miarog mowovw iy 'K, vd 0% amd vijg BH
loov ©v0 KA mldrog mowovv iy KM: §lov dpa 70
I'd loov éotl vols ano tov AH, HB. xal 6t 10 «
ouyxsluevor éx tav and tov AH, HB ¢nqrév: gyrov -
doe Zotl xal vo I'd. xal mage fneyy iy I'd mapd-
xgizar wAdrog motovy ty I'M* {$nuy) deo xal § I'M
xal ovpperoos v I'd wixst. xal émel Slov v6 I'A
loov éotl tolg and vév AH, HB, av vo I'E igov éotl .

1. ovppereoy P.  MZ] ZM P. 8, pixe] om. b. 4.
doiv P. 5, té] corr. exto m. 2 F. cmd] m. 2 F. mwaea
$nriv] mg.m. 2V. 8. Gweq #5et deife] om. BF VD, comp. P.
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I'M? excedit MZ? quadrato rectae sibi commensura-
bilis. et neutra rectarum I"M, M Z rationali propositae
I' 4 longitudine commensurabilis est. itaque I'Z apo-

, tome est tertia [deff. tert. 3].

Ergo quadratum mediae apotomes secundae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

c

' Quadratum minoris rectae rationali adplicatum lati-
. tudinem efficit apotomen quartam.

Sit 4B minor, I'J autem rationalis, et quadrato
AB? aequale rationali I'd adplicetur I'E latitudinem
efficiens I'Z, dico, I'Z apotomen quartam esse.

nam B H rectae 4B congruens sit. itaque 4H, HB

' potentia incommensurabiles sunt efficientes 4H* HB?

4 B H rationale, 2 4H >< HB autem me-
—— dium [prop. LXXVI]. et qua-

r z NK M drato 4H? aequale rectae I'd
adplicetur I'® latitudinem effi-
ciens I'K, et K4 =BH? latita-
4 E O 4 ginem efficiens K M. itaque totum
"I'd = 4H*+ HB%. et AH®-} HB?® rationale est.
quare etiam I'4 rationale est. et rationali I'd ad-
plicatum est latitudinem efficiens I'M. itaque I'M
rationalis est et rectae I'4 longitudine commensura-
bilis [prop. XX]. et quoniam totum I'4 = 4H*+ HB?,

¢

11. {ldoowv] - inras. m. 1 P, 14, douy P.  rgerdpry
fotiv V. 15, yee]l m. 2 F.  16. HB] supra scr. m. 1 P,

19, péy] om. % 21, KM] I'K b. 26. xa{] om. Fb,
oty V
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¢ amd tijg AB, Aoumdv oo td Z.A leov ‘6Tl 16 dlg
nd tdv AH, HB. terpriefo ovv 9 ZM Oiye xere
70 N onuetov, xal y8w Oik vod N omorépe vav I'd,
M4 megddintog f§ NE: éxdvegov doa tdv 25, N4
6 loov éovl 16 vmd toy AH, HB. xel émel vo dlg ¥md
tdov AH, HB péoov éorl xal éovwv loov © Z A, xal
0 ZA dGpa péoov dotlv. xal mapx $nryy Ty ZE
nagdxsitar mAdrog morody vy ZM: {$qry Goe éoriv
N ZM xal acdppetgog tff I'd pijner. xal éxel to plv
10 ovyxslpsvoy éx tov amd tav AH, HB §nrdv doruy,
70 0t 8lg Omd tdv AH, HB péoov, dovuusrpn [&oa)
éotl t& dnd vév AH, HB ©¢ d8lg vwd wwv AH, HB.
loov 8¢ [éove] vo I'A zoly amd v AH, HB, g 0}
dlg vmd rdv AH, HB loov ©6 ZA' acduustooyv dpo
15 [éotl] ©0 I'd v ZA. og 6 ©0 I'4 mgdg ©0 ZA,
ofrwg éotly ) I'M mgog vy MZ' dovpusteog &oa
dorlv § I'M ©vfj MZ pijxer. xal slow eugpdrepar fyral
of Goe T'M, MZ ¢nral slor dvvduse uévov ovuustoos’
amoroun dge éotly § I'Z.
20  Aéyw [07], te xel vevdpr.

'Ensl yag al AH, HB Svvdapst slolv dodpperpor,
dovupstgov &Goa xal 7o and vis AH t¢ amo vijg HB.
xal ovi ve pdv and viig AH loov ©6 I'®, ¢ 6% dmo
g HB loov 10 K A* aevppsrgoy dpa éotl ©o I'O 1g «

25 KA. og 0 16 I'® mpdg v0 KA, ovrag éotiv 5 'K
npds Ty KM- dovpuerpog doa dotlv § 'K =fj KM
pojxer. xel émel tév dmo rév AH, HB upéoov qvd- 4
Aoyov fort 10 tmo rov AH, HB, xal 6w iGov 7o .
pdv and tig AH @ I'®, 1o 0% amd vijg HB 76 K A,

-

»*

-

1. zé] (alt.) zaév P. 2. odv] odv xei P. 3. ot N
onpeiov V. 5. tév] om. P. 6. ) corr. ex 6 m. 1 B.
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quorum I'E == 4 B? erit reliquum ZA=24H>HB
[1I, 7). iam ZM in puncto N in duas partes aequales
secetur, et per N utrique I'd, M A parallela ducatur
NE. itaque Z5 = NA = AH> HB. et quoniam
2 AH>< HB medium est et 2 4 H>< HB = Z A, etiam
Z 4 medium est. et rectae rationali ZE adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop.
XXII]. et quoniam A H*- HB*rationale est,2 4H><HB
autem medium, 4H? 4 HB?® et 2 AH><HB incom-
mensurabilia sunt. uerum I'd = AH®-4 HB? et
ZA=2A4H>< HB. quare I'4, Z A incommensurabilia
sunt. est antem I'4:ZA=IM:MZ [V], 1]. quare
I'M, MZ longitudine incommensurabiles sunt [prop.
XI]. et utraque rationalis est. itaque I'M, MZ ra-
tionales sunt potentia tantum eommensurabiles. ergo
I'Z apotome est [prop. LXXIII].

Jam dico, eandem quartam esse. nam quoniam
AH, HB potentia incommensurabiles sunt, etiam 4 H*
et HB? incommensurabilia sunt. et I'® — 4 H?,
KA=HB*. quare I'®, KA incommensurabilia sunt.
uverum I'@: KA=TIK: KM [V, 1]. itaque I'K, KM
longitudine incommensurabiles sunt [prop. XI]. et

7. é06t{ PBYV, comp. Fb.  10. 6z: PBY, comp. Fb. 11,
dea] om. P. 18. 8" b.  4eu] om. P. 14. zd] corr. ex
to m. 1 F. 15. 6z{] om. P. " ¢d] in ras. m. 1 P. Supra
I'Atpras estin V. " I'd] ZAP. ZA] T4 P. 16. meog
] i P. ZMF. aevppsroos — 17. MZ] om. P.  20.
7] om. FVb, m. 2 B.  22. dee] dor: V. = HB] cor. ex
BHm 2V, 28 0] corr.exts m.1F, 26 I'K] XI'P.

27. prixe] mg. m. 2 V. 28. 76] (alt.) @ PV. 29, uér]
om. V. 6] 6 PetV,corr.m. 1. <]zd P. 1) o P.

Supra X4 add. Nm. 1 b.

Euclides, edd. Heiberg et Menge. IIIL 21
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10 0% vnd rév AH, HB ¢ NA, tédv dee I'®, KA
uéoov dvaioyov ott td NA* Eovwv &pa og t0 I'®
npog 16 NA, otrwg 10 NA mpdg ©0 KA. &id og
ptv 6 I'O mgdg 10 N A, ovrewg éoriv 7 I'K mpdg tiv
5 NM, ag 0% ©0 NA mgog 10 K A, otrwg éotlv y NM
ngog iy KM' &g dpa 1 'K medg wiyv MN, obrag
éotlv § MN mpog vy KM' ©6 &pa tmd tév I'K,
KM loov dotl o and viis MN, vovtéons ve terdoro
uéper tob dxl vijg ZM. imsl ovv 8vo ebdelar Gvicol
10 elow of TM, MZ, xal t6 verdoro pépst 100 amd tjg
MZ loov mega tiy I'M mapafépinrar éldelmov &lde
rergayavp v vnd tav 'K, KM xal &y aevpperoa
avtny Suugsl, 1 dpa I'M vijg MZ ustfov dvvarar 16
and dovppérgov fevtf. xal oty oAy § I'M odu-
16 pergog pijxse of dxxewuévy g vff I'd® n &pa I'Z
amorour] €6tL TeTAQTN.L
To dpa and éAdecovog xal Ta &fg.

oc’.
To amd tijg pere ¢nrov upédov td Giov
20 L0L0V6TS wapa Ty mwagafalidpcvoy mAdrog
moLel amorouny wéumTnY,
"Eotw 7 pera ¢nrov pééov To 6iov motovce 4 AB,
¢nry 0t 9y I'd, xal vd ano riic AB loov mapa v
I'd nepafefiriodo 0 I'E mAdrog mowovw v I'Z:
26 Afyw, 8te ) I'Z amoroun éote méumwry.
"Eotw yap 1] AB mpocapudfovea vy BH- af &ou

1, 9md] corr. ex ¢xo V.  tawv] (alt) =i b, 3. NA
AN F.  oftwg — 4. NA] mg. m, 2 B. 8. KAl K4’ F.
4. pévlom. V. fdexiv) m. 2 F. 6. &) xel ag b, mg. V.
doa — 7. iy KM mg. V. 6. zrj»] (alt.) 706 9. 8. NMP,
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quoniam 4 H>< HB inter 4H* HB*® medium est pro-
portionale [prop. XXI lemma], et 4H?=1I0, HB*=K 4,
AH> HB = N A, inter ', K4 medium proportio-
nale est Nd. itaque I'®: N4 = NA:KA4 uverum
I'6:NA==TK:NM, NA:KA=NM:KM [V], 1].
itaque I'K: MN=MN:KM. quare I'K>< KM=MN?*
[VI, 17] =%} ZM?* iam quoniam sunt duae rectae
inaequales 'M, MZ, et 1+ MZ? aequale rectae I'M
adplicatum est I'K >< KM figura quadrata deficiens et
eam in partes incommensurabiles diuidit, I'M? excedit
MZ?* quadrato rectae sibi incommensurabilis [prop.
XVII]. et tota I'M rationali propositae I'd com-
mensgurabilis est longitudine. itaque I'Z apotome est
quarta [deff. tert. 4].
Ergo quadratum minoris, et quae sequuntur.

CL

Quadratum rectae cum rationali totum medium
efficientis rectae rationali adplicatum latitudinem efficit
apotomen quintam.

Sit 4 B recta cum rationali totum medium efficiens,
I'4 autem rationalis, et quadrato 4B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z, dico, I'Z
apotomen quintam esse.

nam BH rectae 4B congruens sit. itaque rectae

10. xel 1) 0 3¢ FV. o6l m. 2 F. 12 ©6] =5 b. 14.
svppdzeov Pb et V, sed corr. | domy] om. V.  15. prjxet]
fovs V. 17, el ta £E7ig] mape fnray magefalidpevoy midrog
moiel amovouny teraerny Theon (B%‘Vb). 22, 7] (prius)
om. V. 28, ¢nvj — 4B mg. m.1P. 16) e corr. P. 24,
I'dl 4T F. TI'Z) corr. ex I'd P. 2. I'Z] ZT e corr. V,
A 9. 26. ye¢] m. 2 .

21%*
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AH, HB e9clar Svvdps eloly aovpuusror molovoet
0 ulv ouvpxsipsvov éx Ttév 4’ oalTév Teveaydvev
uéoov, t6 0t Olg Un’ alrdv gnyrov. xal vg plv dwo
viic AH loov mege iy I'd magafefiiodo o I'O,
vG 0t dxo vig HB looy 16 KA Ghov &pa ©6 I'A
teov Zorl Tolg amd twv AH, HB. ©0 0% evyxelpevov
éx tov awd tov AH, HB &Gua péoov dotlv péoov
Goa fotl 10 I'A. xal mage Gneny v I'd megdxeitor
nAdrog moovy oy I'M* ¢nry dea orlv % I'M xal
dovppcrgog v I'd. nal émel Aov 10 I'A loov fotl
rols énd 16v AH, HB, dv ©6 T'E icov éotl 16 dmd
15 AB, Aoumdv doe t0 ZA loov éorl 16 big Vmo
réov AH, HB. rerwiodo ody § ZM 8lya xare 6 N,
xal fyd0 O tod N bmorépg tov I'd, M A magdal-
Andog § NE' éxavcpov dpa tav Z5, NA loov forl
te vné tév AH, HB. xai émel vo dlg Omd vy 4H,
HB ¢nrov éore xal [éotev] loov vg ZA, ¢neov aox
dotl 16 ZA xel mape fqryy v EZ mapdxusital
nlarog motovv Ty ZM' ¢qry) dga éotly ) ZM xal
ovpuergog v I'd uiner. xal émel ©o udv I'A pécov
dotlv, 10 0 Z A ¢nrov, acvuustpov dga dorl 1o I'A
v ZA. &g 0t vo I'd mpos ©0 ZA, otnwg § I'M
neds Ty MZ- dovupergog oo éovlv 7 I'M v MZ
uiret. xal elow aepporeper fyral al doa I'M, MZ
¢nral eloe Ovvaper pdvov ovppergor’ amotous dow
dotlv 9 I'Z.

8. uév] om. V.  b. Post 8 ras. 2 litt. V. H B] mut.
in 4B m. 2 F, in ras. V. I'4] 4 in ras, m. 1 P, cormr. ex
AB. 6 10 88 — 7. awo tav] 1 8% amo tiig V. 7. doriy
éot{ PB, comp. FV; elvar V, supra scr. dott m. 1. 8. I‘A]
mut. in A'm. 1 F. 9, I'M] I'H o ént}] én- om. g@.

11. TE} BA B. 138. 09¥] om. Vp. 14, xal — N] supra
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AH, HB potentia incommensurabiles sunt efficientes
summam quadratorum mediam, duplum autem rectan-
r z N xm B8ulum rationale [prop. LXXVII].
: ] et rectae I'A4 adplicetur I'® = 4H?,
! i KA==HB. itaque totum
JE 8 4= AH* 4 HB".

— uverum A4 H?-} HB? medium est;
itaque etiam I'4 medium est. et
rationali I'4 adplicatum est latitudinem efficiens I"M,
itaque I'M rationalis est et rectae I'4 incommensu-
rabilis [prop. XXII]. et quoniam I'4 =4 H*®-} HB?
quorum I'E = A4 B3, erit reliquum ZA=24H><HB
[II, 7). iam ZM in N in duas partes aequales secetur,
et per N utrique I'd, MA parallela ducatur NS
quare ZE=NA=AH>HB. et quoniam 2 4H>HB
rationale est, et 24 H>< HB = Z A, Z A rationale est.
et rationali EZ adplicatum est latitudinem efficiens
ZM. itaque ZM rationalis est et rectae I' 4 longi-
tudine commensurabilis [prop. XX]. et quoniam I'4
medium est, Z 4 autem rationale, I'4 et Z 4 incom-
mensurabilia sunt. est avtem I'd:ZA=TM: MZ
[VI, 1]. quare I'M, MZ longitudine incommensura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I’'M, MZ rationales sunt potentia tantum commen-

surabiles. ergo I'Z apotome est [prop. LXXIII].

Iy

scr. m. 1 P. 17. domv] om. P. ZA) Z (uel &) corr.
ex NV, item lin. 18. 18. EZ] ecorr. m. 1 V. 19. ZM
(alt) ZH b, 20, aovpperoos B, supra ¢ ras. estin V. I'A
corr. ex I'Z b; I'Z #, Z eras. 21, fdotiv] dec{ PBFV,
comp. b.  23. zqv] 6 V.  dotiv] dotl wal V. 24, T'M,
MZ dga V.
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Aéyw 81, ot xal wéumey.

‘Opoiwg yap dstEouey, ote 6 vad tév I'KM loov
éotl ¢ and tijg NM, tovtéors g terdore uépe tov
and tijg ZM. =xel émel aovpperodv dorve TO Gmd Tijg
AH t¢ ano v HB, [oov 6% vo ply dnd vijg AH
v I'®, ©o 0t and tijg HB v KA, dovppergov dou
70 I'Q 16 KA. &g 6% ©6 I'® mgos ©6 K A, ovrmg 1)
'K mgés v KM* dovpuergog dge § 'K 5 KM
unxer. éngl ovw 0vo eddsiow dvicol elowr af M, MZ,
xel T Terdore pépel Tov &nd tis ZM loov mage Ty
I'M nmogaféfinves éAdsimov elfer terpayove xel &lg
aovpuctoe aveny Swugel, ) doe I'M tijg MZ usitov
dvvata T and acvupcrgov favry. xal éoTiv ) mooo-
apudfovoa i ZM ovppcroos tff duxsipévy nrij vij I'd:
% dga I'Z amovopy éove méumey' Omep &0z Seitou.

of’.

To amd tijg pere pécov pécov 1o GAow
woLovONg maga PNTRY WagaPfaliousvoy midrog
moLel amoTouny ExTyv.

"Eotm 7 peva uéoov péoov vo GAov mowovoa 1) A B,
énryy 6t 9 I'd, xal ¢ dnd 7 AB loov mepa v
I'd nmogefeplijodo 10 I'E midrog mowodv v I'Z:
2éyw, 6 3 I'Z amorousj éoriy Exra.

"Eero pop i AB mgosapudlovea ) BH* of doa
AH, HB Svvdus &loly aovupergor moloticaw 16 16
oupxelusvor éx ToV an’ aUTOY TETQAyBvRY uicov xai

1. aﬁ{ m2F. 2 I'K,KMFV. 4 édujom. Ve 5.
AH] (alt) 4 ecorr. F. 6. I'©) @ inras. m. 1 P. 8. 7
cm. P, KM]I'MPetBinras. doa fortv Vo. KM
i Petinras. B. 9 &for P, corr. m. 1, 10, ZM] MZ
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JIam dico, eandem quintam esse. nam similiter
demonstrabimus, esse FTK><X KM= NM*=1ZM?® ot
quoniam 4 H? HB} incommensurabilia sunt, et .4 H?®
=I6, HB* = KA, I'® et KA incommensurabilia
sunt. est autem I'O: KA = I'K:KM [V], 1]. quare
'K, KM longitudine incommensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales I'M,
MZ, et +ZM? aequale rectae I'M adplicatum est
spatium figura quadrata deficiens et eam in partes
incommensurabiles diuidit, I'M? excedit MZ? quadrato
rectae sibi incommensurabilis [prop. XVIII). et con-
gruens ZM rationali propositae I'd commensura-
bilis est.

Ergo I'Z apotome est quinta [deff. tert. 5]; quod
erat demonstrandum.

CIL

Quadratum rectae cum medio totum medium effi-
cientis rectae rationali adplicatum latitudinem efficit
apotomen sextam.

Sit 4B recta cum medio totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico,
I'Z apotomen sextam esse.

nam BH rectae 4B congruens sit. itaque 4 H,
HB potentia incommensurabiles sunt efficientes sum-

P, et V (?), sed corr. m. 1.  18. favry prixer V. 14 ZM]
MZ P.  15. omsg #3e 8eiten] om. BF Vb,  In hac pag.
et sequenti multi loci euan. in F."  21. waed] mage freiy Vo.

tijv] supra scr. m. 1 V. 22 zijv] = b. 24. apuofovo,

supra scr, weos m. 1, F. HB P. 25. Post HB ras. 5 _

litt. V. Supra e ser. pév m. 1 b,
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0 Olg Tmd tov AH, HB péoov xal dovuuctoov ta
and tdv AH, HB 16 8l vmo tév AH, HB. mapa-
Befifodm ovv muga v I'd 16 plv and wijg AH
ioov ©( I'® midavog mowovv vy I'K, v¢ 0} dmo tijg
BH ©o KA SAov dga to I'4 icov éo1l tolg and tav
AH, HB* péeov dea [fotl] xal 10 I'd. xal mapa
¢nry iy I'd nmepdaxewver midrog mocovv iy I'M:
¢ty doa dotly ) I'M nal aovupergog v I'd upixst.
énel ovv 10 I'4d loov éerl volg dxo vév AH, HB,
év t0 T'E oov ©p and vijg AB, Aowmdy dpa 10 Z A
loov éotl © Olg Umd vdv AH, HB. xal éovi 10 dlg
om0 v AH, HB péoov’ xal 6 Z A &pa pécov éotiv.
xal mage ¢nriy vy ZE mopdxeirer wAdrog moLovy
vy ZM* Gy &oe éotly ) ZM xal dovpusrpog i
I'd prjxse. xal éxel ve dno tov 4 H, HB dovuusrod
dote t6 Olg Vmd tdv AH, HB, xal éovi volg piv dnd
tov AH, HB loov 70 I'd, v 0% 8lg vmd vdv AH,
HB loov t6 ZA, aovpucroov &pa [ovl] ©6 I'd 16
Z4 g 0t vo I'A medg v0 Z 4, obrwg dotly § T'M
nedg Ty MZ' aevppergog dpa dotlv y I'M tfj MZ
wijxee, xal elow dugorepar ¢nral. al I'M, MZ é&ou
fnral elor Svvaper udvov ovupcrgor’ amoroun dea
éotiv 7 I'Z.

Aéyo 81, Ore nal Exry.

‘Enel pag 10 Z A 6oy o1l v6 Olg vmé tév AH,
HB, terpiedo 8iye 7 ZM xara ©0 N, xal 18w dix
tov N zfj I'd magdiindog 7 NE- éxdrvegov doe tdv

1. péoov] gnrov F.  wal] aal £z V, ir 8¢ BFb.  dovp-
pezge BFVD.,  za] 16 P. 6. Post KA add. nldrog moiovy
iy KM mz m.2 V. 6. /] om. P. 8. deriv] fotl xat V.

10. ooy fotl V. 6] 16 9. 11, don] yivetar V. 3fs
corr. ex 8/ m. 2 P, 12, éovi PBV, comp. Fb.  16. tois
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r z N x pm mam quadratorum mediam et
' } 2 AH><HB medium et 4H*+ HBS,
B 2 AH >< HB incommensurabilia

4 E 560 4 :
, . [prop. LXXVIII]. iam rectae I'd
4 B H  adplicetur I'® = 4 H* latitu-
dinem efficiens I'K et KA = BH® itaque totum
I'd = AH? 4+ HB% quare etiam I'4 medium est.
et rationali I'd adplicatum est latitudinem efficiens
I'M. itaque I'M rationalis est et rectae I'd longi-
tudine incommensurabilis [prop. XXII]. iam quoniam
I'd=A4H*-+{ HB? quorum I'E==_4 B3 erit reliquum
ZA=2A4AH> HB (11, 7]. et 2 4 H>< HB medium
est. quare etiam Z.A4 medium est. et rationali ZE
adplicatum est latitudinem efficiens ZM, quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam 4 H?®-} HB?

2 AH >< HB incommensurabilia sunt, et

I'd = AH® 4 HB', ZA=24H > HB,
I'd et ZA incommensurabilia sunt. est autem [VI, 1]
IFd:ZA=IM:MZ. quare I'M, MZ longitudine
incommensurabiles sunt [prop. XI]. et utraque ratio-
nalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est [prop.
LXXIIT].

Iam dico, eandem sextam esse. nam quoniam est
ZA4A=2A4H> HB, recta ZM in N in duas partes
aequales secetur, et per N rectae I'd parallela du-

té V. dxo tov] om. P. 17. I'1 — 18, [ov t6] om. b.

18. fot{] om. P, 19. z0] (alt) om. P. Z 4] corr. ex
Z4? F. ~ 20. opp] om. P. © MZ] in ras. V.  MZ] corr.
ex ZM V. 21, dea] om. V. 22 eloew P, 2oy &oa B.
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ZE, N4 loov éotl t6 Um0 tov AH, HB. xal émel
of AH, HB dvvdpe &lolv dovupctoor, aovuusrov
dow dotl v and tijs AH v dmo tijs HB. alla o
ptv dxd wig AH loov éotl vo I'®, v 6% amo

b vijg HB loov dotl 70 KA° aovpuergov dge éotl o

10

15

20

I'® 1 KA. g 8t v6 I'O mpog 6 K A, ovrmg Zotly
n 'K mpds iy KM dovpucrpog dpa éoriv 7 'K
] KM. xol énel vév and v AH, HB péoov ave-
loydv éoti ©o vmd tvdv AH, HB, xal d6ti 16 piv amo
tiis AH loov 16 'O, t¢ 0% axd vfig HB loov 16 K 4,
16 0% vmd vy AH, HB iov 6 NA, xal tav dpa
I'e, KA péoov avdioydv éors 10 NA' ity &po g
76 I'® npdg ©0 N4, otwg 10 NA mpog 0 KA. xel
0we ta avre ) T'M tijg MZ petfov dvverer v dmo
aovpuérgov éavry. xal ovderépa alvrdv eUmprrodg
dove vf) duxapévy $rij vif T4 y I'Z doa damorous]
donv &xrn Gmep Hdew deikac.

oy .

‘H ©f} amotouy] p1xer 6Uuperpog amorour
é6te nal 75 tdkec  adri]

"Eetw amoroun ) AB, xal 1] AB pixer cvuusrpog
iovw ) I'4" Ayo, 61w xal § I'Ad dxovopy fove xal
) vafee 1 adry v AB.

Enel yop dmorour] ety v AB, &6t avri; mpoo-

2. elol ovppereor b. 4. 16 dwo tijg '@ P. 5. lox()
om. V. 6. zi] corr. ex 76 m. 2 P. 8. dxo tdv] om. P;
oo tdv supra scr. « m. 1 b; dxo téy ins. m. 2 F. 11.
Ot omd — NA] mg.m.2V. 3]t V. AH] Hecom V.

foov éotl P. 12 NA) N b. 18. N A] (prius) 4, snpm
add. N m. 2, F. 14. @ adzd] corr. ex ravia V.  MZ)
corr. ex ZM V. 15, dovupéreov) corr. ex gvppérgov m. 2 B,
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catur N5 itaque Z5= NA = AH><HB. et quoniam
AH, HB potentia incommensurabiles sunt, 4H? et
HB? incommensurabilia sunt. est autem I'® = 4 H?,
KA=HB* quare I'®, K 4 incommensurabilia sunt.
est autem I'@: KA = T'K: KM [VI, 1]. itaque I'K,
KM incommensurabiles sunt [prop. XI]. et quoniam
AH > HB medium est proportionale inter 4H? et -
HB? [prop. XXI lemma), et '@ = 4 H?, KA = HB?,
NA = _4H><HB, etiam N4 medium est proportionale
inter I'®, K 4. itaque '@: NA = NA:K 4. et eadem
de causa [cfr. p. 326, 9 sq.] I'M? excedit MZ? qua-
drato rectae sibi incommensurabilis [prop. XVIII]. et
peutra earum rationali propositae I'4 commensura-
bilis est."

Ergo I'Z apotome est sexta [deff. tert. 6]; quod
erat demonstrandum.)

CIIL

Recta apotomae longitudine commensurabilis apo-
tome est et ordine eadem.

Sit 4B apotome, et rectae 4B longitudine com-
mensurabilis sit I'4. dico, I'4 quoque apotomen esse
et ordine eandem ac 4 B.

nam quoniam 4B apotome est, BE ei congruens

—

éd ¢

1) In B figura haec est deinde in mg.

adiicitur uera addito & &ile.

16. I'd] 4 in ras. m. 1 F. 17, Gmeg #det dzifar] comp. P,
om. BFVb.,  21. ovuuerpog forw pixse BFb. 23, 1] m.
2 P 24. mpodeouotovea fotw avry V. vty 7 Fb.
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apuofovea 9 BE* af AE, EB &pa {yral cloe Svvape
udvov evuucto. xal 1 tijs AB medg v I'd Aoy
0 adrog peyovérm O tiig BE mpdg tv AZ° xal g
& &ga mpog &v, mavra [éotl] meds mdvta: foTiv dpa .
xal 63g 0An 9 AE moog 8inyv wyw I'Z, otrwg 7 AB
npog v I'd. ovupsrgog 02 § AB ) I'd unre-

- ovppergos dpo xul | AE plv tj I'Z, 7 0% BE tj;

10

15

20

25

A4Z. xal ol AE, EB ¢yral el Svvdper pudvoy ovp-
uerpor” xal af I'Z, Z A4 &ga ¢nral sloe Svvaps povov
ovupsTgor [amoroun &pa éorlv 7 I'd.

Aéyao 07}, 8ve xal ©f tate 1 avry t AB).

"Enel ovw éorwv dg % AE medg v I'Z, oPreg 7
BE mods iy AZ, dvaliat &pa éotlv wg ) AE mog
v EB, ovtwg 7 I'Z npdg tyy Zd. fjzoL 8y 1 AE
tijig EB pslfov dvvarer ¢ amd ovppéreov favry 17
76 dnd dovppéreov. & ptv ovv 1) AE vijg EB psitov
dvvarar T3 and ovpudrgov favvij, xel §n I'Z tijs ZA
ustfov duvvijoerar T dmo ovpufrgov favrf. xal &
ptv oVpperpog oty 7 AE 1t dxneipévy $nry urue,
wel § TZ, e 0t ) BE, nal 7 JZ, el 0} ovderépn
tév AE, EB, xal ovdetéoe rav I'Z, Zd. & 6% 4
AE [zijg EB] peilov dvverar te dmd acvppérgov
éavefj, xal § I'Z tijg Z A4 peifov dvvioerar té ano
aevpuéroov éavtyj. xal & uiv ovpueredg éoty 1§ AE
i uxcepévy $nrfi wixer, xel ) I'Z, & 0% § BE, xal

1.  BE] avtjj 7 EB 9. AE] om.g, 4 B. 3. 6] (prius)
om. @. 4Z) 24 B. 4. {0zl om. P. foTiy &ou] om.
Vo. 5. 6in dea V. 1. doo] &oa éorl Vo (del. V). " xal]
om. g. puiv AE Vo (post 4E hab. uévy F). BE &¢ BFb.

zfj] supra ser. V.. 1. 8. JZ] Z4 BF.  xel of] xaf
tlay of V, of 0é B. ela] om. V. 10. dmoroprj — 11,
AB) om. P.  12. ovv] ydo Theon (BFVb).  AE] corr. ex
EA V. 18. my] om. B, m. 2 F, Z4F. doa] om. V.
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sit. itaque 4 E, EB rationales sunt potentia tantum

p B g commensurabiles [prop. LXXIII].
= fiast BE:4Z=AB:I'4 [V], 12].
r d Z quare etiam ut unum ad unum,
ita omnia ad omnia [V, 12]. itaque AE:'Z == 4B:I'4.
ueram 4B, I'd longitudine commensurabiles sunt,
itaque etiam AE, I'Z et BE, 4Z commensurabiles
sunt [prop. XI]. uerum AE, EB rationales sunt po-
tentia tantum commensurabiles. itaque etiam I'Z,
Z 4 rationales sunt potentia tantum commensurabiles
[prop. XIII}.

Jam quoniam est AE:I'Z = BE: 4Z, permutando
[V,16] est AE:EB=TZ:Z 4. AE? igitur EB? ex-
cedit quadrato rectae aut sibi commensurabilis aut
incommensurabilis. iam si 4 E? excedit EB* quadrato
rectae sibi commensurabilis, etiam I'Z? excedet Z 4?
quadrato rectae sibi commensurabilis [prop. XIV]. et
sine AE rationali propositae longitudine commensu-
rabilis est, etiam I'Z ei commensurabilis est [prop.
XII], siue BE, etiam AZ [id.], siue neutra rectarum
AE, EB, etiam neutra rectarum I'Z, Z 4 [prop. XIII].
gin AE? excedit quadrato rectae sibi incommensura-
bilis, etiam I'Z* excedet Z4* quadrato rectae sibi
incommensurabilis [prop. XIV]. et siue .4 E rationali
propositae longitudine commensurabilis est, etiam I'Z

14. 47 om. P, &¢é BV. 15. v@] corr. ex zov m. 2 P.  16.
Ante &l ins. el (?) m. 2 F. &f] e corr. V. 17. covppéreov
B, corr. m. 2; ¢- supra add. m, 2 F. tiis] =je F. 18,
aovupérgov B, et F, sed corr. 19. 4E] 46 e corr. F.  20.
F%j‘ZI" F. 21, 09dscépa) ovderépa P. ~ 22. mij¢ EB] mg. m.
1 dvvarat] supra add. e m. 2 F, dvwvjostar b.  ovp-
pérgov P, corr. m. 1, 23. 7ij¢] corr. ex 77} V.



334 ITOIXEIRN /.

N AZ, & 8% ovdsvépa tov AE, EB, ovderipn tov
rz, z4.

‘Amotoun Zea dotiv n I'd xal i rake 7 adry i
AB* Oneg £8eu Oelkou.

5 0d".

‘H tfj péong dxorouf) 6Vuucreog pé6ns axo-
tour) €0t xal tf vikee 7 adry].

"Eoto péong damovouy 7 AB, xal tj AB uijxe
ovpuergog fotw 1 I'd" Adyw, G xal §) I'd péong

10 amwotous] é6Te xal i} takse 9 avty v AB.

‘Emel yap péong amovous) éomiv 1) AB, foro aitj
mpocaguofovoa § EB. of AE, EB &ea pé6os clol
Odvvduse uovoy evupergor. xal yeyovéswm og 9 AB
n@og v I'd, otnwg 9 BE medg vy AZ* ovupsrgos

15 &pw [éotl] xal 7§ AE ©vfj I'Z, n 62 BE v} 4Z. of 8}
AE, EB péear elol Svvape pdvov evuuctos” xal ol
I'Z, Z4 «ga péoar slol Svvapes udvov evupsrgor
péeng dea amorou) éevww ) I'4.

Aéyo 07, Sve xal tf vdks éotly 7; avry tff AB.

20 'Emel [pdg] éoviv @g ) AE mpdg tqv EB, otrmg
7 I'Z mgog iy Zd [dAX og pdv ) AE meog v
EB, oltwg 1o ano tijg AE medg ©6 vnd tov AE, EB,

euan. 3.t ABjom.F. 4.0mee £0ce deitae] comp. Pb, om. BV,

6. péoy BFVb.  uéon BV, et F, corr. m. 2. d=motopijs b
(o supra add. F m. 2). 7. éouy P, 8. péon BFb, et V
(¢ fmat add. m. 2, sed eras.). pfxer] m. 2 B, om. FVb. 9.
Adym 87 V.  péon B, et F supra add. ¢ m. 2; in V add. ¢
m, 2, sed eras. 10, ozt P. 11. péon B.  adrp] 9 V,
avri 7 Fb, 12. 7] adzfj # V. 4E} E4 BFb. &lstv B,

1. oéduépa]l(alt.) 009 0vderépa BVb; 098¢ m. 2 add. F, sed
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ei commensurabilis est, siue BE, etiam 4 Z [prop. XII],
siue neutra rectarum 4 E, EB, neutra rectarum I'Z,
Z 4 [prop. XIIT].

Ergo I'd apotome est [prop. LXXIII] et ordine
eadem ac AB [deff. tert. 1—6]; quod erat demon-
strandum,

CIv.

Recta mediae apotomae commensurabilis mediae
apotome est et ordine eadem.
4 T Sit 4B mediae apotome, et rectae 4B
longitudine commensurabilis sit I'd. dico,
I etiam I'J mediae apotomen esse et ordine
eandem ac 4B.
nam quoniam 4B mediae apotome est,
sit EB ei congruens. itaque 4E, EB mediae
“Z sunt potentia tantum commensurabiles [prop.
LXXIV—LXXYV]. et fiat [VI, 12] 4B:I'd = BE: 4Z.
itaque etiam AE, I'Z et BE, 4Z commensurabilas
sunt [V, 12; prop. XI}. uerum AE, EB mediae sunt
potentia tantum commensurabiles. itaque etiam I'Z
Z 4 mediae sunt [prop. XXIII] potentia tantum com-
mensurabiles [prop. XIII]. ergo I'd mediae est apo-
tome [prop. LXXIV —LXXV].
JIam dico, eam ordine quoque eandem esse ac 4 B.

14, obrog — dZ] mg. m. 1 P. ] corr.exom.2V. 15,

fot{] om. P, dotiv B. ~ AE] AE pév BFb,  16. xel — 17,
ovppergos] mg. m. 2 B.  17. I'Z] Z e corr. V.  18. péan B,
dnoropns V. 19, 1éym] dsxtéov Theon (BFVD). &)

corr. ex 8¢ oru m. 1 F; 3V, 407f»] om. Theon (BFVb).
20. yde] om. P. ovtwg fotiy F. 21. tjv] om. BFb.
di’'— p. 886, 2. ZdJ] om. P.
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g 0t § I'Z meog v Zd, ovnwg ©o ano tig I'Z
npog to Vo vov I'Z, Zd), E6rwv dga xal g to dmo
tijig AE mgog 10 vmd tdv AE, EB, ottwg 10 dwo
tijg I'Z moog ©0 vmd tov I'Z, Z4 [xal dvaldat og
70 and 1ijs AE mpdg ©6 and tfig I'Z, otramg 76 vmo
t1ov AE, EB mpog 10 vwo vév I'Z, ZA4). evppcroov
0t 76 and tig AE 1 amd viig I'Z° ovpperpov &gu
éotl xel 76 vnd tdv AE, EB t¢ vnd tév I'Z, Z 4.
&slte ovv gnrdv dom ©o Vmd v AE, EB, ¢nrov fota
xal 10 Und vav I'Z, Zd, elte péeov [éotl] 1o vmo
tév AE, EB, uéoov [éovl] xal ro vmd tdv I'Z, Z 4.

Méong &ea dmovowr oty o I'd xal vjj vdter 3
avty tff AB* Omep £0e detkau.

o¢’.

‘H tf; éAdocove cdupsrpog éAdocmy Zoriv.

"Eotw yag éhdecov ) AB xal tj AB ovpuergos
n I'd" Aéyw, ot %l 7 I'd éideoay doviv.

T'eyovérm pog ta avre* xal énel af AE, EB dv-
vaues sloly aevppergor, xal of I'Z, Z A doe Svvdust
sloly aevpperpor. émel ovv ot wg ) AE mog Ty
EB, oftag §) I'Z medg v Z 4, forwv dpa xal og 10
ano tijg AE mpog to and tijg EB, obrmg 7o amo tijg
T'Z ngég 16 and viig Zd. ovvdévr &oa dotly g o
éno tov AE, EB mpdg ©0 amd tijs EB, otrwg ta
ano rév I'Z, ZA4 npds ©6 and vig ZA [xel évadidk]

1. TZ) (alt) ZI'F. 2. é¢] om. @. 4. xei — 6. Z 4]

om. P, 6. tav] (alt) om. b. 9. EB] B in ras. m. 1 P,
forat] dore Theon (BF VD), 10. #6z{] om. P 11. {otl]
om. P. 12, péen BVh. 18. omee £8st deibo] comp. P, om.
BFVb. 15 tj] corr.intfigm.2F, zigb.  Zlacoowi} élaccoy
F m. 1, #lxooovog b, F m. 2. Deinde del. uzjnes F. "16. yao]
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quoniam est AE:EB=TIZ:Z4 [V, 12; V, 16], erit
etiam [prop. XXI lemma]
AEY: AEX EB=TZ*:TZ > Z4.

ueram A E? I"Z*® commensurabilia sunt. itaque etiam
AE < EB, I'Z >< Z4 commensurabilia sunt [V, 16;
prop. XI). siue igitur 4E>< EB rationale est, etiam
I'Z >< Z 4 rationale est [def. 4], siue 4 E>< EB me-
dium est, etiam I'"Z><Z 4 medium est [prop. XXIII
coroll.].

Ergo I'd apotome est et ordine eadem ac 4B
{prop. LXX1V —LXXYV]; quod erat demonstrandum.

Cv.

Recta minori commensurabilis minor est.

Sit enim 4B minor et rectae 4B commensurabilis
I'd. dico, etiam I'4 minorem esse.

nam fiant eadem. et quoniam 4 E, EB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, Z4 potentia incommensurabiles
7B sunt [prop. XIII]. iam quoniam est 4 E: EB
[E 4 =rz:z4 [V, 12; V, 16], erit etiam

AE*: EB=T2Z%:Z 4 [ V], 20 coroll.}. itague
“Z  etiam componendo [V, 18] est
AE®* 4 EB*: EB*=TZ72% 4 Z4%:Z4%

-4 -

om. Theon (BFVb). 17, T'4] (pnns) I ecor m 1F.

é6t{ PBV, comp. Fb. 18, adre toig :n:po:spor V. 19.
I‘Z]Zecorrmlb 20. zjv] om. Bb. 21, tmr m. 2 F

28. Zd)] 4Z B. _lotls] supra scr. m. 1 V. COIT. ex
o m. 1 24, zav] tijg P.  ovtw Bb. 25 Zd] (prius)
supra scr. m 2 F (Z incertum est). = xal _évadddt] om. P.
Deln del. wg 76 d=xo tiis BE uooc 6 axo tig Zd, ofrmg Ta
aéno toy AE, EB meos 7@ dnd twv I'2, Z4a V,

Euclides, edd. Heiberg ot Menge, ITL 22
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ovupstoov 0F foti to axd tijs BE t¢ amo tijg JZ°
ovupctgoy doa xel TO ovyxsiuevov éx TdV amd TV
AE, EB tstoaysvov ti Suyxapive & 1oy axd tov
I'Z, Z 4 terpayovov. $quov 8¢ ot 10 ovyxelpevoy
éx 1év and tév AE, EB terpayovav: Jnrév dpa
éotl xal ©0 ovyxelpevov éx 1oy awo tov I'Z, 24
rerpaywvay. malw, éxel dotw og ©0 and tig AE
neog 16 vmo tdv AE, EB, ottwg 10 axo tig I'Z
®pdg 10 Vnd vdv I'Z, Z 4, cbpuergov 0% 10 and tijs
AE tetgdyavov ¢ and tig I'Z tetoaydve, ovu-
peroov dga forl xal T6 Vo tov AE, EB 16 vno tov
I'Z, Z4. uéoov 0% ©o vmd tvév AE, EB' puéoov
doa xal vd Vo vdv I'Z, Z4* ol I'Z, ZA4 dox dv-
vaus &loly acvppergor morovoar to iy Gvyxslusvov
& 1oV an’ atrov Terpaydvov $nTov, 16 0 Ox altov
péeov.
‘EAdooov &oa éotly v I'd: Gmep éder dstiau.

os’.

‘H tfj pera ¢nrov pé6ov 1o GAov moLovey
CUupeTQog wETe ¢nTov médov 10 GAov morodod
éoriv.

“Eotw pera ¢nrov piéov 1o OAoy moiotce 7 AB
xal ) AB evupergog v I'd" Aéyw, Ove xal 1 I'4
ueTa gnrov uéoov td OAov motovoe foTiv.

"Eorw pap i} AB mgoswouofovée 7 BE' of AE,
EB dga Odvvdps elolv asvpuergor mowov6ar o ply
ovyxelpevoy éx tov and rov AE, EB tergaydvov

1. douiwv P. 6] corr.extg m. 1 F,exza ?) V. JZ)
24P 3. tetpdyoroy Pb et comp. ins. m. 1 V. 4. I'd,
A4Z b, 6. ¢nred F, sed corr. 6. fo1l] elol F. 7. 4]
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uerum BE?Y 4Z! commensurabilia sunt. itaque etiam
AE®*+ EB? et I'Z% 4 ZA4* commensurabilia sunt
[V, 16; prop. XI]. uerum AE? - EB? rationale est
[prop. LXXVI]. itaque etiam I'Z® 4 Z 4* rationale
est [def. 4]. rursus quoniam est
AE?: AE>< EB=TZ:TZ><Z4

[prop. XXI lemma}], et A E? I'Z? commensurabilia sunt,
etiam AE > EB, I'Z >< ZA4 commensurabilia sunt.
AE>< EB autem medium est [prop. LXXVI]. quare
etiam I'Z >< Z4 medium est [prop. XXIII coroll].
itaque I'Z, Z 4 potentia incommensurabiles sunt effi-
cientes summam quadratorum rationalem, rectangulum
autem medium,

Ergo I'4 minor est [prop. LXXVI]; quod erat
demonstrandum.

. CVI.

Recta rectae cum rationali totum medium efficienti
commensurabilis recta est cum rationali totum medium
efficiens.

Sit 4B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4. dico, etiam I'd
rectam esse cum rationali totum medium efficientem.

nam BE rectae 4B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes 4E* 4 EB?

om. V. 9. Post Z4 add. xal évaildf BFb.  18. dea dovl
»xa{ BFb. Z4] (alt.) Z in ras. m. 1 B. 17. omeq 8
dsifae] comp. P, om. BFb De additamento in V u. app.
nr. 24. 19. zo;omm pijxog F. 20. Ante perd add. xal
avrn BFb, m. 2 V. motovoe 16 ohov b, 22. wotovox 7O
olov V. 94, to Glov péoov b. 25. BE] E e corr. m. 1 P.

22*
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péoov, 10 0’ Un’ avtodv gnrov. xal T& avre xate-
oxcvieda. Opolmg On dslbousv rols medregov, bre af
I'Z, Z4 év v avrg A0ye &lol raly AE, EB, xal
ovuusTEdy €0t TO ouyxelpsvoy éx tov and tov AE,
EB retpaysvey t6 ovyxapéve & tdv dxd tov I'Z,
Z 4 vevpayovov, 1o 02 vnd tév AE, EB ¢ vmo
tov I'Z, Z4- deve xal af T'Z, ZA dvvdps cloly
a6vuuETEoL mMotovOaL 1O piv Gvyxslusvoy éx TOV dmo
tov I'Z, Zd terpaydvoy uédov, o & ox' avrov
¢nrdv.

‘H I'd &ga usve ¢qrov péeov td SAov moioved
dotiv: omep E0e detfau.

ef’.

‘H tfj peva pédov péeov ©o GAov morovoy
6vppergos xal avry pera uédov péeov 1o GAov
motovoa E0TLY, :

"Eeto pere pdeov péoov td 6Aov mowotea"n; AB,
xal t] AB lovw ovpusrgog 1 I'd" Aédyw, Ot nal 7
I'4 peve péoov péoov o 3lov mowoved Zoriv.

"Eoro yag 7] AB mpodaguctovea y BE, xal ta
atta xaveoxeveodw® of AE, EB &pa Svvapst sloly
dovupeTooL mooboar T0 TE Gupxelucsvov éx Tév an’
aUTdY terpaybvov ufdov xel T Un avrdv uéeov
xal &t dovpusTgov 10 GUyrslpevoy éx THY AT atTiV
TeTayavey TH VX avtav. xof &ow, og 0elyd,
al AE, EB cbpuscrgor tais I'Z, Z A4, xal 10 cvpxsi-
pevov éx tév and tév AE, EB rerpayovav to evy-

8. o] ecorr. V. eloty B. 4. 1d] ©o pév Bb, péy
supra scr. m. 2 F.  &. zéy I'Z — 6. EB] mg. m. 2 B (zay
AE, EB etiam in textu sunt a m. 1). 6. 8’ Fb. 12, d=meo
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4 I medium, 4K >< EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
igitar atque antea [p. 336, 20 sq.] demon-

IB strabimus, esse I'Z:Zd = AE:EB, et

E {9 AE*4EB'I'Z*4ZA* ac AE<XEB,I'Z><Z4

commensurabilia esse. quare etiam I'Z, Z 4

~Z potentia incommensurabiles sunt efficientes

I'Z? 4 Z £* medium, I'Z >< Z 4 autem rationale.

Ergo I'd recta est cum rationali totum medium
efficiens [prop. LXXVII]; quod erat demonstrandum.

CVIL

Recta rectae cum medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est.

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'4. dico, etiam
I'd rectam esse cum medio fotum medium efficientem.
-4 I nam BE rectae 4B congruens sit, et
eadem comparentur. itaque 4E, EB potentia
incommensurabiles sunt efficientes summam
B quadratorom mediam et rectangulum medinm
I 14 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVII]. sunt
“Z autem, ut demonstratum est [p. 334, 14 sq.),
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE* 4 EB}, I'Z* + ZA4* ac AE<EB, I'Z>< 724

E

&dzs Seifou) comp. P, om. BFb. De V u. app. nr. 26.  14.
mosovey pnxer F. 18. #6zw] om. BFD, 21. dea] m. 2
euan. lg 25. adréy F.
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xepévo x tov dnd tév I'Z, Zd, ©o 6% vmo tav
AE, EB ©¢ vno tov I'Z, Z4" »al ol T'Z, Z4 dga
Svvdps eloly dovppergor morovoaL T6 TE CUyxslpsvoy
éx Ty an’ alray TeTpaydvay picov xal T0 U’ avTdy
5 uéooy xal &ti aovpucToov Td ovyxslpsvov éx TV an’
avtav [tetpaymvar] 16 vn’ avtov.
‘H I'd &pa perx pédov uéoov ©o 6iov moiovod
doviv Omeg £de Oetlar.

0.

10 Ano gnrov péoov apatpovuévov 1 o Aotmwdv
roelov dvvapivy pla 8vo dAdyev ylvetar frot
amoroun 7 fAdocov.

'"And yip ¢nrod tov BI uéoov agperiodw 6 BA:
Ayw, ot N 0 Aowmév dvvapdvy vé EI pla dvo

16 GAdywv ylvetar fjvor amorous 1) éAdecwv.

‘Exxeicdo yop ¢nry § ZH, xel v ptv BI lov
napx iy ZH magafefiiodo dodoydviov magaiinid-
yoaupov t0 HO, 16 0t 4B loov apperiede to HK"
Aoumdv &ga ©0 EI loov éotl 165 A@. émel odv nyrov

20 pév éote v0 BI, péeov &% ©6 B, leov 6t vo piv BI'
16 HO, 16 0 B4 vd HK, $nrov ptv dpa dotl o
H®, upéoov 0} ©0 HK. xal maga onryy v ZH
nagaxerar Onry piv doe § 2O xal ovppsreos i

1. 16 86 — 2. %/l mg. m. 2 F. 3. vz] om. P. 6. 7e-
toayovwy] om. P. 8. omep £3s deifar] comp. P, om. BFb.
10. Post §nrov del. xad F. 11, ylyverar BFb, 12, ide-
twy PVb. 18. BI'] in ras. V., 14. lowwov ywelov BFb.
20 ET dvvapévn BFbD. 15. 1éyav F, corr. m. 2. yi-
yverer BFb.  dldrrwy B.  17. Post mapapeflicdo del. o
HB m. 1 P, ras, 4 litt. V. 18. dB] e corr. V, B4 P. 19,
ETrJTEB. 48] ®4F. 20. pév] (Priusz om. b, 21
¢nrov] bis b. 23. mwagaxeyrar BF. aga £otlv BFb.
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commensurabilia. quare etiam I'Z, Z4 potentia in-
commensurabiles sunt efficientes summam quadratoram
mediam et rectangulum medium praetereaque summam
quadratorum rectangulo incommensurabilem.

Ergo I'4 recta est cum medio totum medium ef-
ficiens [prop. LXXVIII]; quod erat demonstrandum.

CVIIL

Spatio medio a rationali ablato recta reliquo spatio
aequalis quadrata alterutra rectarum irrationalium est
aut apotome aut minor.

nam a spatio rationali BI' medium auferatur B 4.
dico, rectam reliquo EI’ aequalem quadratam alter-
utram rectarum irrationalium esse aut apotomen aut
minorem.

ponatur enim rationalis Z H, et spatio BI" aequale
rectae ZH adplicetur rectangulum H@®, spatio autem
4 B aequale auferatur HK. itaque reliquum EI'= A46.
iam quoniam BI ra-
tionale est, B 4 autem
medium, et B = HO,
B4 == HK, H® ratio-
nale est, HK autem
medium. et rationali
ZH adplicata sunt.
’ T I itaque Z@ rationalis

est et rectae ZH lon-
gitudine commensura-
bilis [prop. XX}, ZK autem rationalis et rectae ZH
longitudine incommensurabilis [prop. XXII]. quare
Z®, ZK longitudine incommensurabiles sunt [prop.

A E B
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syouevov 1 dvvaudvy didoomy Zotiv: Gmep £del delkar.
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1. ZH] (pnus) HZ F. 2. Post ﬁnusn (alt) add. xaf
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; - ZK 9. 1] P 3 BFb et supra scr, m. 2 V,
OZ] e b 6. advy,pstpov P, % ov] éavtf 7} td dnd
govppéreov BFb. 5 — 7. ovpuéreov) mg. m. 1 P, 7.
corr. ex t0 m. 1 b, m. rec. P. aovpuérgov P. 8. ez
corr. ex ZO V, ) F. 9. 8¢ BFb. 10. wsqiezduevoy
om. BFb, 11. -r]] ins. m. 1 B. 0] (prius) ins. m. 2
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XIII]. itaque Z®, ZK rationales sunt potentia tantum
commensurabiles. quare K& apotome est [prop.
LXXII], KZ autem ei congruens. iam @Z? excedit
ZK?* quadrato rectae aut commensurabilis aut incom-
mensurabilis.

Prius excedat quadrato commensurabilis. et tota
6Z rationali propositae ZH longitudine commensu-
rabilis est. quare K@® apotome est prima [deff, tert. 1].
recta autem spatio comprehenso recta rationali et
apotome prima aequalis quadrata apotome est [prop.
XCI]. ergo recta spatio 40, hoc est EI', aequalis
quadrata apotome est.

sin ®Z* excedit ZK* quadrato rectae sibi incom-
mensuarabilis, et tota Z® rationali propositae ZH
longitudine commensurabilis est, K® apotome est
quarts [deff. tert. 4]. recta autem spatio comprehenso
recta rationali et apotome quarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur aut mediae apotome prima aut
recta cum rationali totum medium efficiens.

A medio enim BI' rationale auferatur B4. dico,
rectam spatio reliquo EI" aequalem quadratam alter-
utram rectarum irrationalium esse aut mediae apotomen

m. 2. 14, 6Z BF. 15. ZH] corr. ex Z® m. 1 F,  dmo-

tou dea BFb.  18. 3¢ B. 17. Post éozty add. % doa to

(om. b) 48, tovtiar. w6 ETI, dvvauivy éladowr éotly BF, mg.

m. 1b omeo £3s1 8eitau] comp. P, om. BFb. 19. Post

a¢né add. o6 b, m. 2 F.  20. ylyvovzas B. uien B. 22.

dnd] corr. ex vxé V. dmé — BdJ] bis b.  28. pie] om. b.
loywr b.
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6. 20]1 ©Z P. glaww P. 8. avﬂ] BFb. an) 3¢ BV,
©Z] in ras. m. 1 b. 10. ovy.pstpo-v V corr. m. 1. 11,
6z]) 26 V. 14. Post ZH add. to 1] mxo dnijs xel dxo-
toung Sevrius 7 Gwaysvn péong nmotqu dote medty b,
mg. m. 2, 15. zovréory P. uéon BF.  don mewry V.
16. ©Z] inras. V, ZO P.  17. xel] favry), xel BFb. 18
grjxer] om. b. 19, K@) 6K F. Post EI' del. ywelov
m. 1 20. omeg idet dst§au] comp. P, om. BFb, 22,
péoov] (a.lt) supra scr. m. 1 P, uéoov supra scr. m. 2 F.
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primam aut rectam cum rationali totum medium effi-
cientem.

ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem modo [p. 342, 19 sq.] se-
x e duitur, Z© rationalem esse
et rectae Z H longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
A ¥ F mensurabiles [prop. XII].
ergo K® apotome est [prop.
LXXIII], ei autem congruens
ZK. iam ©Z* excedit ZK*® quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

iam si @Z® excedit ZK*? quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, K@ apotome est
secunda [deff. tert. 2]. Z H autem rationalis est. quare
recta spatio 4, hoc est EI, aequalis quadrata mediae
apotome est prima [prop. XCII). sin @Z* excedit ZK?*
quadrato rectae incommensurabilis, et congruens ZK
rationali  propositae ZH longitudine commensurabilis
est, K@® apotome est quinta [deff. tert. 5]. quare recta
spatio EI" aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]; quod erat de-
monstrandum,

B E zZ

H 4

CX.

Spatio medio a medio ablato toti incommensurabili
reliquae duae irrationales oriuntur aut mediae apo-
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éetiv B. 7. péon Bb. pera) pera tov P 12. douv P.
Deinde add. vmwoxeizar P, et V, sed del. 13, xal] dove xal b,
dory xal B. of] xal 5 b, 28] 8Z FV. 14. ZK
&K P. 16, {oviv| om. Bb.  mgocaguofovea — 17. favry
om. P, mg. V. 16. &5} 8¢ BV.  18. 3] ooy BFb. 26
6Z B. Z K] Z postea ins. V., 19. ovderépa V. oy
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tome secunda aut recta cum medio totum medium
efficiens.

Auferatur enim ut in figuris iam propositis [p. 347]
a medio BI" spatium medium B4 toti incommensu-
rabile. dico, rectam spatio EI" aequalem quadratam
alterutram esse rectarum irrationalium aut mediae
apotomen secundam aut rectam cum medio totum
medium efficientem.

nam quoniam utrumque BI', B4 medium est, et
BI', B4 incommensurabilia’), similiter concludemus
[p. 342, 19 sq.], utramque Z®, ZK rationalem esse
et rectae ZH longitudine incommensurabilem [prop.
XXII). et quoniam BI, B4, hoc est H®, HK, in-
commensurabilia sunt, etiam ®Z, ZK incommensura-
biles sunt [VI, 1; prop. XI]. itaque Z®, ZK ratio-
nales sunt potentia tantum commensurabiles. ergo
K6 apotome est [prop. LXXIII].

iam si Z6*® excedit ZK? quadrato rectae sibi com-
mensurabilis, et neutra rectarum Z®, ZK rationali
propositae  Z H longitudine
cominensurabilis est, K& apo-
B E tome est tertia [deff. tert. 3].
uverum K4 rationalis est,
rectangulum autem recta ra-
tionali et apotome tertia
comprehensum irrationale est,
et recta ei aequalis quadrata
irrationalis est, mocatur autem mediae apotome se-

12 Cum uerba xal &mffmnpov %0 BI' =9 B4 lin, 9—10
nihil faciant ad demonstrandum id, quod sequitur, non immerito
ab Alugusto omittuntur. Gregorius omisit fora: lin. 10 — g
B4 lin. 12. )

zZ K 8

A 4 I'H 4
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cunda [prop. XCIII). ergo recta spatio 4@, hoc est
ET, aequalis quadrata mediae apotome est secunda.

sin Z&* excedit ZK?® quadrato rectae sibi incom-
mensurabilis, et neutra rectarum @Z, ZK rectae ZH
commensurabilis est longitudine, K© sexta est apotome
[deff. tert. 6]. recta autem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cam medio totum medium efficiens [prop. XCVI].
ergo recta spatio 46, hoc est EI, aequalis quadrata
recta est cum medio totum medium efficiens; quod erat
demonstrandum.

CXIL

Apotome eadem non est ac recta ex duobus no-
minibus.

Sit 4B apotome. dico, 4B eandem non esse ac
rectam ex duobus nominibus,

nam, si fieri potest, sit. et ponatur rationalis 4I"
et quadrato 4B? aequale rectae I'4 adplicetur rect-
angulum I'E latitudinem efficiens 4 E. quoniam igitur
Ar g 4B apotome est, JE apotome

H E est prima [prop. XCVII]. sit

4 ! 'Z EZ ei congruens. itaque A4Z,
ZE rationales sunt potentia
tantum commensurabiles, et 422
excedit Z E? quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 4I" longitudine com-
mensurabilis est [deff. tert. 1].
r rursus quoniam 4B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina diunidatur, et 4H maius
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nomen sit. itaque 4 H, HE rationales sunt potentia
tantum commensurabiles, et 4 H? excedit HE® qua-
drato rectae sibi commensurabilis, et maius nomen
4 H rationali propositae 4I" longitudine commensu-
rabile est [deff. alt. 1]. itaque etiam JZ rectae 4H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. uerum A4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon-
gitudine incommensurabiles sunt [prop. XIII]. itaque
HZ, ZE rationales sunt potentia tantum commensu-
rabiles. E H igitur apotome est [prop. LXXIII]. uerum
eadem rationalis est; quod fieri non potest.

Ergo apotome eadem non est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali adplicatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem [prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIII], quadratum autem

PV. 11. EZ] mut. in ZE V. &oa Zot(] 8¢ in ras. 4
litt. . 12. doziw P.  Post unxer add. xaf eloc ¢nral mg.
m. 2 B. 13. elae] om. PV. 14, EH] corr.ex HE V, HE
P, EN ¢. 156. 'h]] (alt.) om. b.  16. omze &8s d‘zi&mp’t comp.
P, om. BFb. 17. ﬂéqua%‘ om. P, oty” BVDY, g’ 21.
7] b 22. dnd] om. F.

Euclides, edd. Heiberg et Menge. III. 23
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mediae apotomes secundae rationali adplicatum lati-
tudinem efficit apotomen tertiam [prop. XCIX], qua-
dratum autem minoris rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medium efficientis rationali
adplicatum latitudinem efficit apotomen quintam [prop.
CI), quadratum autem rectae cum medio totam medium
efficientis rationali adplicatum latitudinem efficit apo-
tomen sextam [prop. CII]. iam quoniam latitudines,
quas diximus, et & prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine eaedem
non sunt, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstrauimus, apotomen eandem
non esse ac rectam ex duobus nominibus [prop. CXI],
et rationali adplicatae rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum suum
quaeque ordinem, irrationales autem rectam ex duobus
nominibus sequentes rectas ex duobus pominibus et
ipsae secundum suum quaeque ordinem, alise sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibus sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media. .

2. Recta ex duobus nominibus.

3. Ex duabus mediis prima.

4, Ex duabus mediis secunda.

5. Maior.

6. Recta spatio rationali et medio aequalis quadrata.

péy B, af pév b, pév supra add. m. 2 F. 19. zag éx 8do
évopdrov] om. V.  20. adrdg b.  elawv dpa V.  21. af]
om. F. = usrd] xava P.

23*
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dvo péoa dvvaudvyy,

"Arorounv,

Méong amorvouny moaTyy,

Méong amotouny devrépav,

’EAdgcova,

Mera ¢nrot péoov to Glov moiovoev,

Meze péoov péoov ©o Glov moiovoav.

[eB”.

To and ¢nrijg maga tnv €x 6vo dvopdrwv
nagafarlopevoy midros motsl amorounv, 7
t& dvdpate 6Vppsroa é6rL Tolg 1ig éx dvo dvo-
potov dvduad. xal &ti év 1o avrd Adyw, xal
£t ) yuvopdvny amovouy Ty adryv Efs vdfiy
T} éx dvo Svoparov.

"Eorw ¢nuy wdv 7 A, éx 6vo dvoudreov 6t 1 BI,
g weitov Svopa Eotw 3 AT, xal té dnod vig A loov
fotw 10 Umd rév BT, EZ* léyw, 6ve 1 EZ dmotous]
doriv, 7g t& Ovdpara c¥uueted ot voig I'd, 4B,
xal v 16 avrd Adyw, xal v v EZ iy ateiv EEe
takw ty BIN

"Eotw pap maiv 16 awo tiis A iGov T VRO THV
B4, H. énel odv 16 Uno tév BI, EZ ldov éotl 16
vno tév Bd, H, éoniv doa ws 9 I'B meog v B4,

De his 18 irrationalibus cfr. Martianus Capella VI, 720.

5. éldrrove BFb, 8. ofjom. b, g’ F, pud" BV. 11,
tf dove F.  12. gvdpagy PBF. 15, 8} dvopdrer V.  18.
4r) r'da F. 17. BI'} 'BF. 18 dou] dovww P. I'a} I’
e corr. V, A4B) 4 supra scr. m. 2 V., 19. zafy e V.

féet] fye0 BFDb, in B supra scr. § m. 2. 22. Bd] d e
corr. V, ABF. 6] z0 PV. @] mut.in zo m. 1 P, 76 V.
23. Post zév ras. 1 litt. P. I'B} BI' F.

A
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome.

9. Mediae apotome prima.

10. Mediae apotome secunda.

11. Minor.

12. Recta cum rationali totum medium efficiens.
13. Recta cum medio totum medium efficiens.

CXILY)

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum latitudinem efficit apotomen, cuius
nomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeterea apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

Sit A rationalis, BI" autem ex duobus nominibus,
cuius maius nomen sit 4T, et sit BI'>< EZ = A%
dico, EZ apotomen esse, cuius nomina rectis I'4, 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.

nam rursus sit B4 >< H= 4% iam quoniam est
BI'><EZ—=Bd4>H, erit 'B:B4=H:EZ [V], 16].

A ——
4
Br———t— H——
E YA
K ' ! 1 6

uerum I'B> B 4. itaque etiam H>EZ [V, 16; V, 14].

1) Dubito, an haec propositio et sequentes Euclidis non
gint. sed de hac re alibi uiderimus.
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ottwg v H meos v EZ. pelfov 0t 7 I'B t1jg BJ-
peltwv &oa éotl xal n H tiig EZ. korw 5 H loy
% E@- éotw dga ag 7 I'B meog tyy Bd, ovrws 7
OF mpds v EZ* dueddvre doa otiv dg n I'd mpos
b v BA, o¥rwg 7 OZ meds thv ZE. ypeyovére dg
7 OZ mpog v ZE, ovrwg 1 ZK mpog tyv KE' xal .
0An éoa ) OK medg 6Any tyy KZ éonwv, mg n ZK
npog KE' g yep &v tadv nyovuévev meog Ev tdy
imopévov, ottwg Gmavia ta Ryovpeve medg Gmavre
10 z& émducve. g 0t 9 ZK mpds KE, otrag Zoriv 9
4 mdg vy AB° xai g oo 77 O K mpds KZ, otrawg 1
4 mooés tqv 4B. evpucroov 0% 16 ano vijs I'd 16
ano tijg 4B evpustoov &po dorl wal to amd vijg OK
t¢ nd tiis KZ. xal éotwv og 1o dnd tiis OK moog
15 70 and tijs KZ, ottwg 1§ OK ngog v KE, énel of
rgels of ®K, KZ, KE avaloydv elow. ovppergog
doa 1 OK 1 KE mijxs dove xal § OFE v EK
oVpueTeds fove wixes. xal émel v0 awd tig A loov
éotl 1 vwd tov EO, B4, §nrov O¢ fov ©o amo Tijg
20 4, ¢nrov &ga éorl xal 1o Umo v E@, BA. xal
noga ¢ty v BA magdraitar gyry deo éotlv 17
E® xal ovppergog 1) BA pixer dore xal 7 ovp-
uetgog avtij  EK ¢nr ot nal 6vppscrgog vy} B4
pijxee.  émel ovv éomwv g §) I'd meog AB, ofrws 7
25 ZK moée KE, al 0t I'd, 4B dvvape povov e&lel

1. pefoy — 2. forw] in ras. V. 1. I'B] BI' P. 2.
doti{Jom. V. 3. I'B] BI' PV. 4 1v] om. Bb. 5. 1%]
om. Bb. 4B FVb, -r'v}' om. BFb, yeyovézm — 6.
ZE) om. b. 6. %] om.’% . ZK] KZ B. o] om.
BFb. 9. meds] bis . 8. iy KE FV. @ yde] om. P,
supra scr. V.  zév] om. P.  gyovpevor P.  10. vy KE V.

i1. 4B) B4 F. wv KZ BFb, 12. 4B] e corr. V,
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sit E®@=H. itaque 'B:BA4=@E:EZ. quare diri-
mendo (V,17] I'4:BA4=@Z:ZE. fiat ®Z:ZE=Z2K:KE.,
quare etiam @K:KZ =ZK: KE; nam ut unum prae-
cedentium ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est autem ZK:KE =
F4:4B. quare.etisam @K:KZ = I'd: A4B. uerum
I'4®, 4B* commensurabilia sunt [prop. XXXVI].
itaque etiam ®K? KZ? commensurabilia sunt [VI, 20
coroll.; prop. XI). est autem @K*:KZ! = OK:KE,
quoniam tres rectae @K, KZ, KE proportionales sunt
[V def. 9). itaque @K, KE longitudine commensura-
biles sunt [prop. XI]). quare etiam: @E, EK longi-
tudine commensurabiles sunt [prop. XV]. et quoniam
A® = E@>< Bd, et A® rationale est, etiam E@><B 4
rationale est. et rationali B4 adplicatum est. itaque
E @ rationalis est et rectae B4 longitudine commen-
surabilis [prop. XX]. quare etiam EK, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B4
longitudine commensurabilis [prop. XII]. iam quoniam
est I'd: dB=ZK:KE, et I'd, 4B potentia tantum
commensurabiles sunt, etiam Z K, K E potentia tantum

B4F. 13. ®K] Id'p. 14 KZ]ZK in ras. V.  16.
Post XZ add. #3elyd@n yoe o5 # I'd mgés 4B, ovtas 7 2K
neos KO. dlla xal o¢ 7 I'd meds 4B, ofrmg 1, OK meos
KE. totis ovv edPsial elowy dvaloyoy mearn piv 1 O K, Sev-
téoa 8t 7 KZ, tolrn 1) KE. forv oty o5 10 dmo tijg xewTrs
neos To dxo Tig Sevrépug eldos, oBrwg 1) AT WEdS TNV ToltyY,
tovzéotiy ag 10 amd OK mos 1o dno KZ b. tijv] om,
16. eloe BYb, comp. F.  17. &ex éozéy BFb. 6K] K
e corr. V. Post pijxee add. xal Sueddvre b, m. 2 F.  doze)
zeecorr. V. EK]E@®b 19. E6] ®E V. {ourL.
20. otiv L. 4B LBFb, e corr. V. 21. 4B BF. 22,
Post Gote ras. 1 litt. V. 23 domw L. 4B F. 24 of
om. L, supra scr. m. 2 B, 25. ZK] corr. ex ZH m. 2
46l m. 2 F. Ldl 4ar F. elaty L.
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ovupstoor, xel al ZK, KE Svvape pdvov elol ovpu-
uergoi. ¢nry 0¢ dotww 7§ KE- (¢nry) doa Zorl xel 7
ZK. of ZK, KE &ge {nral dvvdper plvov slol evu-
usrgoL® amorouy &pa fotlv §) EZ.

"Hrov 0 n I'd tijg 4B petfov dbverar vg dwo

ovuufrgov fauty] 1) T dm0 AcvpugrEov.
LXE: wtv ovv 1) I'd vijg AB petfov dvvarer 16 dnd
ovpuérgov [éavrs]), xal 7 ZK t5g KE psitov dvvi-
ottar T dmd cvppireov fovrij. xal & ulv ovppergog
éorv ) I'd i éxxepévy nrij pijxee, xal 5§ ZK* &
0¢ 4 Bd, xal 7 KE* & 0% odderéoe tov I'd, 4B,
xal ovdsrépa 1oy ZK, KE.

Et 0t 4 T'4 viig 4B peifov dvvarar 16 dnd dovp-
uéroov éovryj, xal 1 ZK vis KE petfov dvmjesrar
16 amd acvupfrgov favrf. xal & plv o I'd evp-
petpdg éove T dxxapdvy Gnrh prmer, xal n ZK' &l
0t 7 Bd, xal § KE' & 0% ovderépa rav I'd, 4B,
xal ovdstépa tdv ZK, KE' dove damoromrj éotiv 7
ZE, s 16 Svdpara ta ZK, KE ovuperpd éoti voig
17js éx 0vo ovopdtwv bvouace voig I'd, AB xel év
16 adrg Acym, xal Ty avrqv takw &e v B omse
&er dsikan. ,

oLy .

To amo ¢nrijs wuga dxorounr maQafaiio-

pevov middtog morel Ty éx dvo Svopdrav, g

1. KE ¢ea LBF. 2. Post KE add. nal ovppuezgos 75 B4
wixee LBFb,  dotuw dea V. dotv LPB. 3. ZK] (prius)
KZ BFb (de L non liquet). Deinde add. xei cvpueros 7
I'a pnyxes LBFD. nzal sloww L, §nral eler BFD. eloc])
om. LBFb. 4. EZ% ZE in ras. V. 6. )] supra scr. m.
rec. V.  ovppfreov V, sed corr. 8. dovppurreov L, et V,
sed ¢- eras, favrj]lom. P. ZK] KZ B. 11. Bd) mut.
in 4BV, 4B b.  oi@eréoa P. 12. xai — 18. 4B] mg.
m. 2 F. 12. ovfsrége P. KE] E in ras. m. 1 P, 13,
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commensurabiles sunt [prop. XI]. uerum K E rationalis
est; itaque etiam Z K rationalis est. itaque ZK, KE
rationales sunt potentia tantum commensurabiles. ergo
EZ apotome est [prop. LXXIII].

TIam I'd?® excedit 4B*® quadrato rectae aut sibi-
commensurabilis aut incommensurabilis.

sl igitur I'4*® excedit 4B? quadrato rectae com-
mensurabilis, etiam Z K* excedit K E* quadrato rectae
sibi commensurabilis [prop. XIV]. et sine I'4 rationali
propositae longitudine commensurabilis est, etiam ZK
ei commensurabilis est [prop. XI, XII], sinue B4,
etiam KE [prop. XII}, siue neutra rectarum I'd, 4B,
neutra rectarum ZK, KE. sin I'4® excedit 4B® qua-
drato rectae sibi incommensurabilis, etiam Z K? ex-
cedit KE® quadrato rectae sibi incommensurabilis
[prop. XIV). et sine I'd rationali propositae longi-
tudine commensurabilis est, etiam ZK ei commensu-
rabilis est, siue BJ, etiam KE, siue neutra rectarum
I'd, 4 B, neutra rectarum ZK, KE. ergo ZE apotome
est, cuiugs nomina ZK, K E nominibus I'4, 4 B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI" [deff.
alt. et tert.]; quod erat demonstrandum.

CXIIL
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

4B] BJ? L. 14, xel — 18. favry] om. P, mg. m. 2 V.
© 16. doiy L. Ante ZK eras. H V. 17, ov&etéqa V 18,
ovOetéqa PV ‘? (non F).  &oze] -¢ in ras. V. 19. za] (alt.)

P, m. 2 fouw L. 20. #x] éx wdy V.  éwopacy
LPBF 21. gzu rafey LBFD. BI'] BB P. 28. oy’] .
PL, ¢’ F, g3 b, g1’ BV, 24. maga] aga L.
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Ta dvdpata cvppcrod €6t volg Tijc amOTORTS
dvopace xal év 1¢ avre Adyw, Eri 0t 7 yuvo-
pévn éx dvo dvopdrmv v avryv takiv Eys
Tf] amorouy.

"Eotw {yvh pév 7 A, amoroun 0t § BA, xal té
ano tijg A leov &tw o Umd tov B4, KO, dote 10
ano vijg A ¢nriig mape Ty BA dmovouny mapafol-
Adpevov mwAdvog moiel iy K@ 1éym, Gve éx dvo dvo-
potoy éotlyv ) KO, 9g 7o dvipare ovppsted fomu
volg tig B viuact xel &y té alrd Adyw, xal Fuu
7 K® v adrqy Ege rakw ©fj BA.

"Eoto yag tfj Bd mgosaguofovea § A af BT,
I'd Goa ¢nral elow Svvdps udvoy ovppctgor. xal 1
ano t7g A loov #0tw xal ©0 Twd tov BT, H gnrov
0t 70 amd vijg A' $nrov doe xal vo vmé tdv BI, H.
xol mwaga gnray iy BT mapaféfinrar: $nry doa éotly
% H xal ovupsrgog tij BI' wrjxee. émel odv 10 Omo
zév BI'y H loov o1l ©¢ vno tév B4, KO, avdioyov
dpa éotlv &g % I'B meog BA, ottwg 1 KO meog H.
pellov 88 5 BI' vijg¢ BA' pelfov &pa xal § K@ tijg H.
xelodw tfj H lon 7 KE' ovuuctgog doa éotlv y KE
tff BT pnxe. xal émel dovwv wg § I'B mpds B,
otrwg 7 @K mpog KE, avacroépavr. doa oty dg 7

"BI mgog vy I' 4, otrwg 9§ KO meds @E. yeyovérw

25

og 7 KO mpdg OF, otrwg 3 OZ npog ZE* xal Aowmy)

1. dozwv L. 2. ovdpaciy PLBF.  yiyvouévn LBb, ye-
vouévn PVe. 3. fye supra add. £ m. 2 B. 6. 4] 4B b.
oote] e inras. V. 7. B4] 4B 9. 8. mousiv LFDb, e
corr. m. 1 B.  8ri] 0w xal PV. 9, Z:'u] douy L. 10. dvo-
pacey PLBF. {n] on LBFb. 11, £8e LB. 18. &loww L.
14. xa/] om. LBFVb. 15. H]l m. 2 F.  18. dozty» PV,
om. LBFb. 19. 'B] B PV, 20. z7is] (prius) medg b.
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nomina nominibus apotomes commensurabilia sunt et
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.

Sit A4 rationalis, B4 autem apo-

T T* 7 tome, et sit B4 >< K® — 4%, ita ut
’ ‘ quadratum rectae rationalis 4 apotomae
14 H B adplicatum latitudinem efficiat K@.
l dico, K® ex duobus nominibus esse,
I E | coius nomina nominibus rectae B4

z commensurabilia sint et in eadem pro-

‘e portione, et praeterea K@ eundem or-

dinem habere ac Bd.

nam A I rectae B 4 congruens sit. itaque BI, I'A
rationales sunt potentia tantum commensurabiles [prop.
LXXIII]. sit etiam BI'>< H= 4% uerum 4 rationale
est. itaque etiam BI'>< H rationale est. et rationali
BI adplicatum est. itaque H rationalis est et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>X H = B4 >< K@, erit [VI, 16]
I'B:BAd = K®: H est autem BI' > Bd. itaque
etiam K@ >H [V, 16; V, 14]. ponatur KE = H.
itaque KE, BI' longitudine commensurabiles sunt. et
quoniam est I'B: B4 =@®K : KE, conuertendo [V, 19
coroll}est BI''\I’'4=K@®:OF, fiat K®:8E=0Z:ZE.
itaque etiam KZ:ZO®=KO®:@E=BI':I'4 [V, 19].
uerum BI, I'4 potentia tantum commensurabiles sunt.
itaque etiam KZ, Z® potentia tantum commensura-

doa lovi BFb. 21 KE] e corr. V, EX P. 22 wj» BJ
BFb. 28. v KE BFb. 25. I(O] corr. ex,. KH m. 2 F,
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Goex §) KZ modg ZO dotww, og 7 KO mpog OF, rovr-
éorwv [dg] ¢ BI" mpog I'd. of 8% BI'y, I'd dvvdaust
udvov [elol] ovupergor: xal af KZ, ZO doa dvvdus:
uovov slel evupcrgor. xal mel dorwv g ) KO moog
OFE, 7 KZ mgog 2O, ¢ii’ g 1 KO meds OF, 7 OZ
noog ZE, xal og doa 7 KZ meog ZO, 5 OZ modg
ZE' dore xal cdg 1 maty meog Ty teltyy, td dmo
Tijs moeTyg WEds TO dmd Tijg dsvrioag' xal wg doa N
KZ mgos ZE, otrwg 1o and rijg KZ mpog ©o axd g
Z0O. ovupsrgov 8¢ fote 1o amd viig KZ té amd tig
Z@ af yap KZ, ZO dvvapss &lol cvuperoor” 6vu-
pergog dpa éotl xal §§ KZ 5j ZE wixe wore 7 KZ
xal v5] KE 6vuperods [foti] piyxe. Jqry 04 dorwv 7
KE xal ovupuserpog tfj BI' prxer: ¢non dga xel 4
KZ xal ovupcroog tij BI' pijxee. xal Zmel fomiv og
% BT mpds I'd, otrwg § KZ mpdg 26, Zvaliet og
% BI mpog KZ, otrwg ) AT mpog ZO. ovupstoog
0 7y BI' ©j; KZ* ovYupergos doa xal ) ZO 5 I'd
unxet. af BI, I'd 0% §nral elor dvvdue povov 6vpu-
petgoe’ xal af KZ, ZO &oa ¢nrai elor dvvdus: pdvov
ovppsroor” € 0vo Svoudrmv fotly fga 7 KO.

El pdv odv 9 BI vijg I'd peifov dvvarar 16 dmd
ovppirgov favif), xal 1 KZ tijg ZO usetbov Gvvijosrar
T amd ovupérgov fevey]. xal & plv evuperpog oty
% BI ©j éxxsiuévy dnyy pijnec, xal § KZ, & 8t 9

1.20] ®ZFetinras. V. GE] corr.exZE V. vovr-
éotiy — 2. meog] in ras. V., 2. og] om. P, supra scr. V.

3¢] om. BF. TId]rd4, 4EBF. 8. slel{] om. PV. gdpu-
petoor — 4. glof] mg. m. 2 B. 3. XZ] ZK P. 5. 28]
©Z in ras. V. 67Z] in ras. m. rec. B. 6. ZO] in ras. m.
rec. B, "0Z b. oftwg 7 B. ©2)'Z8b. 1. ZE] EZ F.

wore] -¢ in ras. V. w¢] m. 2 F. ovtwg 6 BFb. 8.
mowtng) eras. F. ngos — Jsvréeag] mg. m. 2 F. 9. ZE]
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biles sunt [prop. XI]. et quoniam est K@:OF = KZ:Z8,
K®:OE=@0Z:ZE, erit etiam
KZ:Z6 =60GZ:ZE.

quare etiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def. 9]. itaque etiam
KZ:ZE=KZ2:Z®. uerum KZ}, Z@® commensu-
rabilia sunt; nam KZ, Z® potentia commensurabhiles
sunt, itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, KE longi-
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI" longitudine commensura-
bilis. itaque etiam KZ ratiopalis est et rectae BI”
longitudine commensurabilis {prop. XII]. et quoniam
est BI':I'd == KZ:726, permutando [V, 16] est
BI''KZ=A4I':Z®. uerum BI', KZ commensura-
biles sunt. itaque etiam Z&, AI' longitudine com-
mensurabiles sunt [prop. XI). BI, I'd autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z® rationales sunt [def. 3] potentia tantum
commensurabiles [prop. XIII]. ergo K& ex duobus
nominibus est [prop. XXXVI].

Iam si BI™? excedit I'4® quadrato rectae sibi com-
mensarabilis, etiam KZ? excedit Z&® quadrato rectae '
sibi commensurabilis [prop. XIV). et sive BI” rationali
propositae longitudine commensurabilis est, etiam KZ

corr. ex ZO P, 11, yd¢] dex B. 12, tf] tij¢ Vb.  dore]

-¢ in ras. V, Gove xal b. 18. foni] om. PV. 14, dodu-
petgos b. 18. meds] (Erins) bis b. 17. oftwg — 18. XZ
bis F. 17. AT1 T4 P. 18. Z6)inras, V, ©Z P. TI'g

inras. V, 4" P." 19, «i] «f 8¢ V. 6¢] om. FV, JE Bb.

20. xef — 21. K6] mg. m. 1 V. 20, KZ] K& B. 21
dvo dpaw BFb.  &ea] om. BFb. 22. I'd] B4 PFb et B
eras. V. 23. dovppizgov F, sed corr. 24, devppérgov P.




10

15

20

366 LTOIXEIQN /.

I'd ovpucetods éote ©ff éxxepévy Onry prxee, xal 7
2O, & O ovdsrépa rov BI, I'd, ovderépa tav
Kz, Z6.

Et 6 % BI' tiigc I'd peifov dvverar to dnd
aevupétgov favif, xel v KZ tig ZO petfov dvvij-
osTon TG RO aovpuToov favty. xel & uly ovppetds
dovwv 1) BT ty) dxneipdvy ey pixes, xal § KZ, &
0t g I'd, xal v ZO, & 6 ovderépa tdyv BI', I'4,
ovdstépe Ty KZ, Z6.

‘Ex 0vo &oa dvopdrov ietly 4 KO, g ra dvipate
v KZ, ZO ovpustpa [éote] tois vijg amotouns vo-
paoe tolg BI'y, I'd xal év ©6 adtd Adye, xal & q
K@ tf} BI' v avtyw &e vk omep £0er dsikau.

pid’.

‘Eqv yoelov mepiéyntar vmo amotoptis xal
tijg &x dvo Odvopdrov, 74g rTa dvipare 6vp-
perpa té 267e tolg tijg dmoropijs dvipade xal
év 1@ avrd Ady@, 7 16 ywelov Svvapdvy énTy]
doTiv.

Heguegéodm yag ywelov to vwd tov AB, I'd vmo
amoroutjs tig AB xal vig éx O0vo dvoudrwv tig I'4,
ng ueitov dvopa forwm 10 I'E, xal fote ta dvduata
tijg x 0vo Svopdiwv ta I'E, EA evpperge t& voig
thig amotoudjs ovouadt toic AZ, ZB xal v 16 avrg

1. I'd] T B et e corr. V. 2. BI’ — ray] postea add.

m. 1P Post I'd add. xa{ b, m. 2 F. 4. dvwnras Bb.
5. ovppérgov V, sed. corr. KZ]Zecorr. V, K4 P. 78]
©Z in ras. V. 8. ovppérgov V, sed corr. 1. éarw% m.
2F. 8.ZOO®ZF. Tdxalb 11. cvupera B. ot
om, P, supra scr. V. dvopaciy B. 18. BI'} B4 PFb.
Smeg £3sr Jeitor] om. BFb. 14. oz’ b et e corr. F,
os’ BV. 17. 7¢] om. BFV.  évépaaiy PFB.  19. o
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ei commensurabilis est [prop. XII], siue I'd rationali
propositae longitudine commensurabilis est, etiam Z®
el commensurabilis est [id.], siue neutra rectarum BT
I'd, etiam neutra rectarom KZ, Z® [prop. XIII].
sin BI'" excedit I'4® quadrato rectae sibi incommen-
surabilis, etiam KZ? excedit Z®® quadrato rectae sibi
incommensurabilis [prop. XIV]. et siuve BI" rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, siue I'd, etiam Z® [prop. XII],
siue neutra rectarum BI', I'd, neutra rectarum KZ, Z®.

Ergo K@ ex duobus nominibus est, cuius nomina
KZ, Z® nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K@
eundem ordinem habet ac BI' [cfr. deff. alt. et tert.];
quod erat demonstrandum.

CXIV.

Si spatium. comprehenditur apotome et recta ex
duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,

recta spatio aequalis quadrata ratio-

4 B 2 jalis est.

r E_4 Spatium enim AB><I'4 com-
H— prehendatur apotome 4 B et recta ex
©——  duobus nominibus I'd, cuius nomen

K 4 m maius sit 'E, et I'E, E4 nomina
: ="' rectae ex duobus nominibus nominibus
apotomes AZ, ZB et commensurabilia sint et in eadem

B, comp. FVb. 20. yop] corr. ex 6 m. 1 V.  22. foro]
(prius) dore BFb. 23. Ed]l decorr. m, 1 b. el m.2B.
24. ovopacy B
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Adym, xal fotw 1) ©o Uwo tiv 4B, I'd dvveusvy n H'
Adyw, Ot gnre doviv 4 H.

‘Exxeia®o yeo $nrn 1 O, xal 6 dmo tig O loov
nage vy I'd magafefinoda miavog mowotv v KA
dmotoun Goa fotlv KA, g ta bdvipara 6w ta
KM, MA cvpperpe ol tijs éx 0vo ovopdtav dve-
pace tolg TE, Ed xal év ©6 avrd Adye. alie xal
aof TE, Ed ovppergol ©¢ slov taig AZ, ZB xal &v
v avtd Adyo Eonw dee og | AZ meos v ZB,
ovtwg ) KM mpog MA. évaldat doa fotlv g n AZ
n@og v KM, ovrws 7 BZ mdg ty AM* xal doumn)
dpa 7 AB mpdg Aowmny v KA dovwv ag n AZ
npog KM. ovppstgog 0 7 AZ 15 KM c6vppstoos
doa éotl xal 7§ AB ] KA. xal dotwv og 7 AB mpdg
K A, otrag to vno tov I'd, A B meog to vmo rév I'd,
KA ovppetgov dpa éotl xal 7o vmo tév I'd, AB
to Und tov I'd, KA. leov 8t ©6 vwd tov I'd, KA
16 amo tiig @ evpucrgov dga Zorl vo vmwod tdv I'4,
AB t65 ano tig 6. te 0 vwd vy I'd, AB lsov ot 1o
and tiig H* ovuustoov &po éotl 10 anmo vijg H 16
apo thg O gnrov 0t o awo tig @ $nrov dea foTi
xal ©0 ano g H' ¢nry doa éotlv ) H. xal dvvaras
70 Vmd rév I'd, AB.

‘Exv doa ymelov meguéynrar vmd dmorouijs xal Tig
éx Vo dvopdrav, g ta dvéuera evuucrga é6T Toig
tiig amorout)s ovouad. xei v TG alre Adym, 7 TO
qoglov dvvauévy ¢nry otiv.

1. %] om. BFb. 7] e corr. V. H] H4 b, 3. @]
(prius) B® F. 4. v (prius) m, ¢ F. 6. tijs &x] 2z
tov V. 7. ella — 9. loyw] mg. m. 1 F. 8. roig b. 9.

AZ] corr. ex AT V. 11. BZ] ZB B. 12. 5] (prius) post
ras. 1 litt. F, 18. mpd¢ — AZ] om. F. wv KM BFb.
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proportione, et sit H® = 4B > I'd. dico, H ratio-
nalem esse.

ponatur enim rationalis @, et spatinm quadrato
©* aequale rectae I'd adplicetur latitudinem efficiens
KA. itaque KA apotome est, cuius nomina sint
KM, M A commensurabilia I'E, EA4 nominibus rectae
ex duobus nominibus et in eadem proportione [prop.
XCII]. verum I'E, EA etiam rectis AZ, ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MA. quare permutando [V, 16]
AZ:KM=BZ: AM. itaque etiam AB:KA=AZ:KM
[V, 19]. uerum A4Z, KM commensurabiles sunt [prop.
XII]. itaque etiam 4B, KA commensurabiles sunt
[prop. XI]. est autem AB:KA=I'Ad>< AB:I'4>< KA
[VI, 1]. itaque etiam I'd>< AB et '4>< KA com-
mensurabilia sunt [prop. IX]. uerum I'd >< KA =63,
itaque I'd >< 4B et ® commensurabilia sunt. est
autem H?==TIA>< AB. quare H?, & commensura-
bilia sunt. uerum &° rationale est. itaque etiam H?
rationale est. quare H rationalis est; et spatio
I'd>< AB saequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14. éoriv B. AB] KM oduperoog doo 4otl xaxl § 4B ¢
(et F?). 15, zqgv K4 BFb., oviw B. 4] ante lacunam
21litt. F, A" b.  4B] 4Bb.  meos 0] om. g.  16. 74]
m 2 V. 17, zév] (prius) om. P.  18. ] @Z B, sed corr.

19. dno] corr. ex vmé m. 2 F. t] corr. ex t6 m. 1 F.

76] corr.ex 7o m. 1 F. 20 zd] xai ¢ BFb, 22, dnrij]
corr. ex ¢nrow V. 25. fomw P.”  26. dvopxsy PB. 27
é6ru BV, comp. Fb. Deinde add. omeg &3zt deiton F.

Euclides, edd. Heiberg et Menge. III 24
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Négiopa.
Kal pépover quiv xal e tovtov gavegdv, out
dvvardy ot Gnrov yweiov vmd dAdyev svdady mepi-
éxeodar. Omep édee Ocitac.

oe’.

‘Ano uéonsg é&mergor &Aoyor ypivovrar, xal
ovdepla 0vdepid T@v mweoTeQoy 1 avTI].

"Eorw péon 7 A° Adye, ot amd tijg A &mego
dAoyor yivovrar, xal ovdeule ovdsuid TGV TPOTEQOY
» avey.

‘Exxelodw ¢nen n B, xal té vmo tdv B, A icov
éotw t6 amd tiig I dAopog dou fotlv w I 1o pag
Vo ¢Adyov xal §ntiig &hoyov dorir. xul oDdsuid ToV
mQoTEQoY 7 avTi' TO pag dm’ oVdemids TGV MPoTEQOY
nage gnrny nepafulidpevov mAarog wosl péony. maliv
07 16 vmo tov B, I'" i6ov éotm tod dmd tijz 4° dAoyov
toa éotl 10 amd tijg A. &hoyog dpa fotlv N A° xed
oV0cpd TV mEOTEQOY N VT’ TO pap dn ovlswds
TGV mEoTegov mapx OnTY mapafuridusvov mAdrog
nowel Ty I opoiwg 07 tijg Totavts reteng &’ &reiguy
ngofatvovons gavegov, Ot Amd T WEGNg Gmetgor
dloyor yplvoviar, xel ovdeule ovdeutd TGV meoTegoy
7 alty)" Cmeg £de deifou].

Y nézn_uy.a] mg. PV, om. BFb. 4 Gmweg £3et Seifar]
om. BFb. 6. ote’] om. V, gi5” b et corr. ex ¢1d° F, oef” B.

8. ylyvovren B, y supra add. m. 1 P, 7. 0¥dspin] om.
PFVh. Post mgoteoov add. dexarpidov aldyov m. rec. F.

9. yiyvovtat PFB.  oddepla] om. PFVDb.,  10. %] dorw 5 BF.

11. Apte Bras.11litt. B. B, 4] 4, BF. 12, {srw] m.2 F,

| (prius) ¢ F.  18. ol PB, comp. FVb. 14, dnd B.

16. &loyoy — 17. 4 (prius)]om. FV.  17. dotiv P. 16 — doriv]
om. P. &loyog — 18. aven] in va8. m. 1 F. 18. amo B.
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Corollarium.
Et hinc quoque nobis adparuit, fieri posse, ut
spatium rationale rectis irrationalibus comprehen-
datur., — quod erat demonstrandum.

CXV.
A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.
Sit 4 media. dico, ab 4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam

priorum.
ponatur rationalis B, et sit I =B>< 4. itaque
I irrationalis est [def. 4]; nam spatium recta irratio-

A nali et rationali comprehensum
B: i irrationale est [prop. XX]. mnec
r— eadem est atque ulla priorum;
A neque enim ullius priorum qua-

dratum rectae rationali adplicatum latitudinem efficit
mediam. rursus sit 4% == B >< I itaque 4* irrationale
est [prop. XX]. quare A irrationalis est [def. 4]. nec
eadem est atque ulla priorum; neque enim ullius priorum
quadratum rectae rationali adplicatum latitudinem ef-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irrationales infinitae
multitudinis oriri, et pullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. 7ijs soravTng) Tois Tijg avTiis @. 2L uvea{kum B, corr.
m.2. 22 ylyvortar B. ovdeula] om. PF 28. Onzp £3e:
dzifo] om. BFb, comp. P. Seq. additamenta quaedam, u. app.
In fine libri Evxleldov oroiyelor i P, télog tov t 16y Evxleldov
orotytloy m. 2 B, zélog tod i tdv Eodnleldov orosyslwv tijg
Oémvos dndiocmg F, Evxleldov Adyos T tijg Oéwvos éxdosemg b.

24°
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1.
Ad libr, X prop. 1.
"dliwg 10 &’ Fewonue.

Exxeicde dvo psyédn awvica ta AB, I xal émel
slacaov ot 10 I, modAamAaciatousvov E6rar motd 10D
AB ueyédovg pcifov. ysyovérm og ©0 ZM xal duy-
0109w &lg [va) lox té I, xal éotw e MO, OH, HZ,
xal dnd vod AB deneiodm peifov 1 1O fuiov o
BE, xel and tov EA peitov 7 vo fjuev ©6 Ed, xai
tovto ael pwéedn, fws of dv v ZM Oinpéosis ioar
yévoviar tais dv g AB diagéseow. yeyovétwoay
©g af BE, EA, 44, xal té A4 Exaorov rov KA,
AN, NE &otw loov, xal rodro pwéodw, éwg af Oiai-
péosg tov KE loaw pévovrar tais tov ZM,

Kal énel 160 BE peitov 4 10 fjuov dore tov BA,
t0 BE ueifév dove tov EA" moAdd doa usifov éone
to0 AA. dlka ©0 44 isov éotl v¢9 EN' ol BE dga
peitov ot tov NJE. mdliw, énel 10 Ed psifov 1 o
7uiev éote o0 EA, petlov dori vov 4A. dAda 1o
A4 éonv igov t NA 10 EA &ga peifor ot tov

1. Post dpaigovpeve p. 6, 10 habent BFVDd, mg m. 1
postea add. P.

1. 70 o’ Sedonue] om. V, 76 avzé BFb (mg. « B). 2.
xelodo V. 8. fletrov F. 5. 1d] (prius) om. %’ I'] corr.
ex 4 B, xal fatw] om. FVDh. HZ] IZ F. 6. 7] m.
2P. 7. BE]inras. V. xaf — EdJ]l mg.m. 2V, E4]



1.
Ad libr. X prop. 1.
Aliter primum theorema.
Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I' < 4B, multiplicata aliquando I’
414E B ;  maior erit magnitudine 4 B. fiat
t—t—t——— +——— ZM et in partes magnitudini I"

M e 2 aequales diuidatur, et sint M@,
— ®H, HZ, et ab 4B auferatur
K4 NE BE maior dimidia et ab EA

maior dimidia E 4, et hoc semper deinceps fiat, donec
diuisiones rectae Z M diunisionibus rectae 4B numero
aequales sint. sint BE, Ed, 4 4, et sit
KA=AN=N5==AdA4,

et hoc fiat, donec diuisiones magnitudinis K= diui-
sionibus rectae ZM numero aequales sint.

et quoniam BE> 4 Bd, erit BE> EA. itaque
multo magis BE> 4 4. uverum 44 = EN. itaque
BE> NE. rursus quoniam EA >} E A, erit EA> A4 A.
uerim J A4 == NA itaque E4> NA. itaque tota

AE P, 8. del] om. BFVb., yiyvécba F. 9. Sixipéczor

BFVb., 10, o] corr.exto m.2V. 11, yyvécdo @. Emg)

fog &y Vo o«f] om. . 12, yévovtar Pop.  taip] ols

tdg . 13 BA] corr. ex ABm. 2 V. 14, ©d] 16 Jé B,

100 @. 4or.] (prius) om. F. 16. To® — peifor] om. B.
17. 106 JA — 18. lsov] 16 EA — peitov 8¢ dori 10 4 .
18. loov doti Vb. EJ] in ras. V.
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NA. Giov dga 16 AB peifov fote tov Ed. iGov
0t 16 44 vo AK. oOlov &pa to BA peifov fome
tov EK. ddde tov B.A petfov éote to MZ' moild
dou 160 MZ ucifov Zome tov EK. xal émel ta EN,
NA, AK ioa aAdfjios éotiv, éoti 8% xal va MO, ® H,
HZ i6a adinlog, xai éotiv i6ov 1o mAyPog rov &v
13 MZ 16 aijde tédv & ¢ 5K, éonv doa o to
KA ngog 10 ZH, otrws 10 K5 meog 10 ZM. peitov
02 10 ZM tot K5 ueifov dpa xal 16 HZ zov AK.
xal éove 10 ptv ZH icov te I'y ©0 0 KA vd Ad
10 I' doa usifov éori tob A1 Omep E0er delfou.

2.
Ad libr. X prop. 6.
"oz 1o 5.

dvo yog peyédn ta A, B npog &iinia Adyov éxéra,
ov doududs o I' mgos deududy tov 4 Aéyw, 81 ovu-
uerpd €0t Ta pepédn.

Ooar yag elowv év tg I' povades, &g Todaire lon
diperow o A, xal évi avrdv igov éorw T0 E° lotw
dga dg 7 povag meog tov I' deududv, 1o E meog 7o A.
éote 0t xal mg 0 I’ modg tov A, 0 A meds 0 B*
0.’ ioov dga dotlv dg 7 povas mpds Tov A, 0 E
meds ©0 B. pergel 0% xal % povag vov A° usrest
doo xal 10 E 1o B. petgel 0t xel v0 E 10 A, Imel
xal 1 wovag tov I 10 E doa éndtegov tov A, B

2. Post feifon p. 22, 2 BFVDb, mg. m. t P.

1. 4B) B4 P. 2. 70] (prius) té B. 5] tod b. 8.
t6] corr. ex tod m. 1 F. 4. peifov dove to MZ b, 6. 4K
KAinras. V. 6 HZ]JZHPF. zov bv 1o MZ]m. 2V,

7. 6] (alt.) igoy t¢g PBFb. =K] = in ras. V. 8. 7d]
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AB> E 4 est autem S 4= AK. itaque tota
BA> EK. uverum MZ > BA. itaque multo magis
MZ>5EK. et quoniam EN = N4 = AK, et
M® = @H=HZ, et numerus partinum rectae MZ
numero partinum rectae FK aequalis est, erit
KA:ZH=KE:ZM

[V, 15]. est antem ZM > K[E. itaque etiam HZ> AK
[V,14). et ZH=T, KAd=A4d. ergo I'> A4,
quod erat demonstrandum.

2.
Ad libr. X prop. 6.
Aliter propositio VL

Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum 4. dico,
magnitudines commensurabiles esse.

nam quot sunt in I" uni-
tates, in totidem partes ae-
quales dinidatur 4, et uni
Pim—— 44— earum aequalis sit E. itaque
1:I'=E:4 [V, 15]. uerum etiam I': 4 = 4: B.
itaque ex aequo est [V, 22] 1: 4 = E: B. unitas
autem A metitur. itaque etiam E magnitudinem B
metitur. uerum etiam magnitudinem 4 metitur E,
quoniam unitas numerum I" metitur. itaque E utramque
A, B metitur. ergo 4, B commensurabiles sunt, et

A

Bt—t—tp—t  E—

(primum) om F. K.n.] corr. ex EXm. 2 V. 10. 44} 4 V

e corr. VJ 10 avié F. 16 elsc F. 12 tov 4 PB,
19, tov] % F ,om b, 4 9. ]ty B. B]4F.
21. o B B.  xa¢] om. F d]lm. 2 F, se ooy

corr. ex a(n&pds 22. pereel 68 nel] om, P nétoet
6t xal 16 A4, énel xel §) povag rov 'mg. m. 2 B
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uetpsl” vo A, B doo ovuustea dotiv, xal oTiv avriy
nowwdv uérgov t6 E' Omep £0er Osiber

3.
Ad libr. X prop. 9.
"Allwg to D'

'Enms} pag ovuueteos dovww 0 A tf B, Adyov Ega,
ov aududs medg doududv. Zyérw, ov 6 I' mpog tov
4, xal 6 I' éavrov utv moldamlaciecas tov E moielro,
6 02 I' tov 4 moddamhacidoag tov Z moweirm, 6 O}
A favrdv modlamiasiacag tov H moielrem. émel ovw
6 I éeviov plv mordamiacidoag tov E memolnxev,
tov 0% 4 moldandecidcag vov Z memolnnsv, Eotiv Gon
og 6 [ mpog tov 4, rovtéoriv &g 7 A medg tyv B,
[oUtwg] 6 E mpog tov Z. ¢AX og A mpog v B,
ovtwg T0 amd tilg A meog 10 Vwé twv A. B Eery
dga g 10 amd tig A medg t6 Umwo vy A, B, otrawg
o E 'mpog tov Z. mdlv, fmel & A éevrov molla-
nladidoag tov H memolyxev, 6 0t I' 1év 4 molde-
nheoidoay tov Z memoinnev, Eorv dga g ¢ I' mpdg
wov 4, rovrésriv o3 1) A meds v B, olrws o Z
noog tov H. adl’ g 5§ A mpds wqv B, ‘ovtws 1o
vw0 tov A, B mpds 16 and tijg B* forwv &pa g to
vno tov A, B meog o amd tijg B, ovrwg 0 Z meog
tov H. add’ dg 10 and tijg A medg o vmd tdv A, B,
ovteag 7w 6 E mog tov Z+ O ldov &oe g TO dmo
1ig A mpog o amd tijg B, ovtwg 6 E mpcs tov H.
fote Ot énaregog vwv E, H retpaywvos’ o ulv pap E

8. Post dgu8pulv p. 82, 8 BFVb, mg. m. 1 P.

1. éouv] (prius) dore BV, comp. Fb. 2. Gmeq #8ec deibon
comp. F?, om. BVb. 8. 10 #'Jom. B. 5. I mgés zov 4
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communis earum mensura est E; quod erat demon-
strandum,

3.
Ad libr. X prop. 9.
Aliter propositio IX.

Nam quoniam 4, B commensurabiles sunt, rationem
habent, quam numerus ad numerum [prop. VI]. sit
A:B=1I:4, et I' ge ipsum
nmultiplicans efficiat E, I' autem
numerum J multiplicans Z, 4

A i——— | —1
Bt

Z" !' autem se ipsum multiplicans H.
E, iam quoniam est I' >X I == E|,

I’'><Ad4=12, erit ''t4=E:Z
Z:——' (VII, 17], hoc est E:Z = A : B.

! uerum A:B= A4": 4><B. itaque
A*: A>< B==E:Z. rursus quoniam est 4>< 4= H,
IP'<d4=2, erit 't 4=2Z:H [VI], 17], hoc est
A:B=Z:H uerum 4:B= 4> B: B itaque
A>B:BY=12Z:H erat autem A?: 4 <B=E:Z.
itaque ex aequo [V, 22] 4*:B* = E: H. uerum uterque

tola meds tov A técoxen F, sed corr. m. 1. 7.6 8 I' 6]
tov ¢ BFVh.  moweiro] om. BFb. 9. mewofnxe b, 10,
©6v] (prius) corr. ex ovym. 1 V. 12. ov:a)g] om. P. ov'mg

— tnv B] om. B. 20. f'ctw doa ag o vmo toy A, B meog
0 ano ﬂ)gB mg b. 22, dwb Tijs A medg 4] m. 2 y (tov pro
7§ ). B” F. Deinde del. m. 2 mgog o ano tiig B V

23. Z] mut. 1n HF. Post &g add. éoriv b, m.2F. 25,
foriy B.
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ano rov I' dotwv, 6 0t H amd tov A* 16 ano vijg A
épa mgog 10 amd tig B Adyov &ye, Ov tevpaywvos
aguBuds meodg Terpdywvov douBudv. dmep E8e dsikar.

"AAda 07 yfro 1o dmd vig A mpog To dnd tijg B
Adyov, Ov tetpdymvog agiducg 6 E mpdg tevedymvov
aguduov tov H' Aéyw, Ove 6dpueredg éotw 5 A 17} B.

"Eetw peg tob ptv E mlsvga 6 Iy ot 8 H 6 4,
xal 6 I' 1ov 4 moddamwAaowdas tov Z mowsirw® of E,
Z, H dga étqjg elow avdiopov &v ¢ tov I' meds tow
4 Ayo. xal inel vov awd rdv A, B pésov dvdioydy
éotL 0 vmbd tév A4, B, tav 0t E, H 6 Z, forwv Gga
®g 70 and tijg A medg 10 Omod rév A, B, olreg &
E mog tov Z. dg 0% 10 vxd vév A4, B medg o awd
t7g B, ofrwg 6 Z mpdg tov H, aAd’ og 10 amd tijg A
7eog 0 vwd tév A, B, otrwg 7 A meds v B. «f
A, B &pa ovpuergol &low: Adyov pae Egovewr, ov
dpduds 6 E mpdg agududv tov Z, rovréetiv ov 6 I'
790 Tov A° oog yae 6 I' mpdg tov 4, 6 E medg tov Z-
6 yag I' écvtdy ulv mordamhacideag tov E memoinxey,
10V 0% 4 mordamdadidcag tov Z memolynsy: &6ty Goo
wg 6 I'" mpog tov 4, 6 E modg tov Z.

4,
Ad libr. X prop. 10.
Tj; dpe mooredeioy s0dele vy Oqril, ¢’ 7g Epoaucy
To pérpa Aapfavesdor, olov 4 A, mgossvgnrar Sv-
vapss pdv evupctog q A, Tovtéote §ny dvvdust povoy

4. Post 7 E p. 84, 5 PBFI; mg. m. 1 V, add. xeduevor,

3. deufpdg] comp. corr. ex comp. mgog m. 1 F. 6. Post
B add. pixee V, m. 2 B. 7. pwév] om. b, 6] (prius) %
corr. ex o, supra scr. 6 F; 7 b, 10. zév] corr. ex w6 B.
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E, H numerus quadratus est; est enim E=I", H=4",
ergo A%: B? rationem habet, quam numerus quadratus
ad numerum quadratum; quod erat demonstrandum.

Iam uero 4*:B*® rationem habeat, quam numerus
quadratus E ad numerum quadratum H. dico, 4 et B
commensurabiles esse.

sit enim I' latus numeri E, 4 autem numeri H.
et sit '>< 4= 2Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est A2: A>XBe=A4><B:B? et E:Z=12:H,
erit A: A><B=E:Z. cstautem A><B:B*=2:H
et A*: A>< B=A:B. ergo 4, B commeusurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
[prop. VI], hoc est ': 4. nam I': 4 = E: Z; est
enim '<I'=E, I'><s 4=12Z [VII, 17]; quare
I:da=E:27"

4.
Ad libr. X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [cfr. p. 2, 10 not. crit.], uelut 4, in-
uenta est 4 potentia commensurabilis, hoc est ra-
tionalis potentia tantum commensurabilis, irrationalis

1) Hae ambages, eg 8¢ lin. 13 — H lin. 14 et g yae
lin. 18 — zo» Z lhn. 21, a Gregorio in codd. deesse dicuntur;
in meis tamen omnibus leguntur.

11. d6ut] elow P, 16.¢loe V, comp. Fb. yae) m.2F. 17
6vJom. F. 18. Z] ecorr. m.1b. 19, Post I' ras. 1 litt. F.

memolnne V. 21, odrwg 6 E V.  Post Z add. Gmep #0a
deike FV. 22. mooozedeloy PV. éntij] én- eras., deinde
mg. m. rec, xelpevoy. moocevonvras p. 34, 8 — n Ep. 34,5 B
addito Gwee £0= Seikar et deleta reliqua parte propositionie.

23. ofoved BVb, yo. oléy doriv 1 A mg. Fb.  mposnvenran
BFb. 24, pév] pévosr B, piv 5 F
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(7}

ovuuergog, &Aoyog 0% 7 E. aAdpovs yae xaPdiov
xedet Tag xal pyxse xal dvvduer aovuuéroovs i ¢nTi.

5.
Uulgo X, 13.

Elg 16 1y’ Afjupa éx tig ely dromov amaymyis.

‘Bav 71 0vo peyédn, xal o plv ovppergov g 16
avrd, 1o 0t fregov devpperoov, acvupuston foTar T
Mmﬂﬂ.

"Eotw yap dvo ueyédn ta A, B, &Ado 6% to I",
xel ©0 piv A4 v I' odppergov fotw, to 08 B 1 I
govppergov. Afym, it xel t0 A T B aevuucroov
éoTwy.

E¢ yap éove evpuetgov ©6 A t B, fore O xeal
© I' 16 A, xal v60 I' dpa v B oVpuergov Zoviv-
Omep ovy UmoxsiTal.

6.
Ad libr. X prop. 18.

‘Prvag yop xadel tag tf Sxxsipdvy gnrij froc uixes
xal Qvvaue ovuuéroove 17 xal Svvdus. pdvov. elel
0t xal GAAar e0@slon, o wiixer pudv aovppcrool &loe Tij
uxepévy gnry, dvvauer 0% pdvov avuperoor, xal die
tovto mady Adpovrer Jnval xal cvppcrgor mods dA-
AMjdag, xa®’ © $nral, dAdo evppsToor medg adifdag

6. Post dzikar p. 88, 6 BFVb, mg. m. 2 P, 6. Post
ovppetgos p. 58, 3 PBF Vb,

1. 61![.1#8‘[90“ om. V, m. rec. P. ag F. 2. Post gnr
eras. ovtmg P 1 8. els 70 19’} om. FV])Y elg — auaymyrlc.?i
mg F, iy’ in ras. B, mg. 3 1o lijppa; in F numerns eras.

%0 y.syé&n 71 F. 3 vt postea add Fm. 1, 5.
6 BFb 1 (prius) ydppe F. 11 acvppstooy F, sed
d- eras. 12 F] (prius) corr. ex 4V, 4] corr. ex rv.
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autem E; irratiovales enim omnino uocat rectas rationali
incommensurabiles et longitudine et potentia.
5.
Uulgo X, 13.

Ad prop. XIlI lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.

T T sint enim 4, B duae magnitudines,
I i alia autem I', et 4, I' commensurabiles

ig ~T' sint, B, I autem incommensurabiles. dico,
Ll etiam 4, B incommensurabiles esse.

unam si 4, B commensurabiles sunt, et etiam I, 4
commensurabiles sunt, etiam I', B commensurabiles
sunt [prop. XII]; quod contra hypothesin est.

6.
Ad libr. X prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles aut longitudine et potentia aut po-
tentia tantum. sunt autem aliae!) quoque rectae,
quae rationali propositae longitudine incommensura-
biles sunt, potentia autem tantum commensurabiles;
quare rursus uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
autem inter se aut longitudine et potentia aut po-

1) Hoc quid sibi uelit, non intellego.

B} 4? P.  dovppetgov F, sed corr.  15. xef] (alt.) om, b.
16. eloww dovppsroor F.  elow B.
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fjroe wixer dnladn xal Svvdues % dvvdus udvov. xal
& plv pixet, Afpovver xel evral ¢nral pimer ovu-
ueTgor Emaxovouévov, Ot xal duvvaps & 0t Svvdust
povov moog addijdag elol ovuusreor, Aépovraw xal
attal ofrog gnral dvvdper pdvov evppergor. Gt O
of gnral evuppetpol eloww, fvtevdev OdAov: émel pag
¢nral elow af tf éxxepévy $nri) ovppsteor, ta 0% T
avtg ovpperoe xel aldjlog dotl odupsteu, af dou
gnral ovpuergol &loww.

1.
Ad libr. X prop. 20.
Afjppe.

‘H dvvapévy aiopov ywelov &loydg éoriv.

dvvdedao yap 7 A FAoyov ywelov, Tovrésti 10
ano tig A terpdyavoy leov éorm aloye ywein. Afyw,
ote 7 A &loydg éorv.

E¢l yag &otaw gnry 7 A, dyrov éevar xal to an’
avTijg TETEdyovOy' ovrwmg yde [f6Tiv) v toig Ogos.
oUx Eore 08 &Aoyog dpe dotlv m A° Omep E0&r deikou.

8.
Ad libr. X prop. 23 corollarium.

Eiol 0% medww xal &Adew e0@cioe, of urixer piy

7. Post ékig p. 60, 13 PBFVb, 8. Post evppereor
p- 68, 22 PV, mg. m 2 B

1. uat] (alt.) om. b. 2. ¢nres] om. V. 8. &] om. b.
5. ovtmg] om. BFVb. Post svupezoor del. eloty m. 1 P.
6t — 6. zloy] mg. m. 1 P. 6. évted@er] dv- in ras. m.

1 P dijdov évreddes F. émel] 6o b, mg. m. 1 ye. émei

yae dia o B’ T0d ¢, 9. elowy slo'l. b, eloiv: omep £0st

decfon V. . 11, H] om. V, add. num. o BV, comp.

Fb. 13. foov wrm] supra scr. m, 2 ;om BFb, c¢léyw

1welm)] corr. ex dloyov fotw V, &loyov f6tw Bb, oz &loyor
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tentia tantum. et si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, subaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles uocantur. rationales autem commen-
surabiles esse, hinc manifestum est: quoniam enim
rationales sunt, quae rationali propositae commensu.-
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XII},
rectae rationales commensurabiles sunt. '

7.
Ad libr. X prop. 20.
Lemma.
Recta spatio irrationali aequalis quadrata irratio-
nalis est.
nam A® spatio irrationali sit aequale. dico, A ir-
rationalem esse.

4 e nam si A rationalis est, etiam A*?
B I rationale erit; ita enim in definitio-
rP— nibus est [def. 4]. at non est. ergo
A irrationalis est; quod erat demonstrandum.

8.
Ad libr. X prop: 23 coroll.

Sunt autem rursus aliae!) quoque rectae, quae
1) Sc. praeter rationales, de quibus u. app. nr. 6.

15. forou] éome V.  16. donw] om, BFVb, 17, fouy B.

dox] m. 2 F. 3 A oty BFVD, Onso £8e1 deibou
om. B. 18. elotv P.  elol 8¢ — p. 386, 7. Svvaps: (prius)
punctis del. V (cfr. p. 69 not. crit.).

Euclides, edd. Heiberg et Menge. III. 25
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aevuueTeol slou tij uéon, dvvaust 0t udvov Gvuuergol,
xel Adpoviar maliv ufoar Oie To ovuppsrgor sver dv-
voper 7] péop xal ovuucrgor mweog cAijlag, xado
péoar, aAde ovpperor mPog adindag fror wixsr Sniady
xal dvvduer 7 dvvduse pdvov. xal & ulv pijxse, é-
yovrar xal avrar péoar piyxst SvpueTgor émopévov Tov,
Ove xal Ovvaps & 0% dvvape pdvov slol ovpuetgos,
Adpovrar xal oltwg uéoow Ovvduse pdvov Gvpusrgol.

Ore 0% of péoar ovupsrgol elow, olrmg dsuxréow.
énel al pioar péopy vl ovpperool eloww, te 0% 1)
avte ovupston xal ailjloig éorl ovpusree, of dpa
uéoar quuuergol elowy.

9.
Ad libr. X prop. 27.
Adfjupe.

dvo coidudy dodéviov v Adye Omoiwoty xal
aldov Twog dfov moifjoar dg TOV aeLBudY mEog TOV
aguiudv obrwg TovTOov WEO3 GAdov Tivd.

"Eotocev of doPévteg dvo aguduol of AB, I'd
Adyov &govres meds a@AijAovg dmoovody, #Adog 04 Tig
0 I'E. 0d&l mouijoar v0 mpoxelpevov.

‘Avayeypapde yap vnd rov AI'y, T'E nmagaiinio-
yoaupov 0pdoyaviov ©6 JE, xal 16 AE loov mapa
10v AB magaPefiiodea mapaidnidypapuov v6 BZ
nAdtog morodv v AZ. émsl ovv ieov forl 1o AE

9. Post decfee p. 78, 13 V.

1. eloy P. 9. Sre — 12. elawv] etiam in mg. sup. m.
rec. B. 10. ¢lor BV, 18 ifjppa] m, 2 V.
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, quatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensurabiles uocantur, cum per se sequatur, eas
potentia quoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
uocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicui mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quoque commensurabilia sunt [prop. XII],
mediae sunt commensurabiles.

' 9.
Ad libr. X prop. 27.
Lemma.

Datis duobus numeris in quauis ratione ef alio
quodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hic ad alium quendam.

Sint 4B, I'4 numeri dati rationem quamuis inter
se habentes, alius autem aliquis I'E. oportet efficere,
quod propositum est.

z describatur enim parallelogram-
4 B mum rectangulum JE=JI'><IE,
r, 4 et spatio 4E aequale rectae 4B

adplicetur parallelogrammum BZ
E latitudinem efficiens A4 Z. iam

25*
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napaiiniopeappov td BZ magalinlopedupw, fore O
avrg xal (Goyoviov, tév Ot loov xal looymviov
nepaliniopedpupoy avrinendvdacw al whsvoal al megl
tag loag yoviag, avdloyov dea éorlv @g 6 AB meds
tov I'd, otrwg 6 I'E nodg ©0v AZ- Smep £0e dethar.

10.
Ad libr. X prop. 29.
Afjppa els to %9,
dvo cpuiudy dobévrov xal svdelag déov movijoar
g Tov deududy medg TOV deLdudy, olrmg T dmo TS
edPelag Terpoyavov meodg To anm’ FAdng Tuwds.
"Eotwcav of dodévrsg dvo deudpol of A, B, e0deia
0t 9 I'y xal 0éov dotl moifjeouw 10 mooxelusvov. me-
mwoujod pap dg 6 A medg tov B, 5 I' svdsla mpog
GAny Twve iy A, xal Hijepdw vov I'y 4 péey
dvdioyov 7 E. insl ovv dotiv dg 6 A mpog tov B,
7 I' evdelo mpds myv A, add’ ag 9 I' mpog iy 4,
76 amd rig I' mdg td dmo tijg E, g bpa 6 A meds
t6v B, ©0 and vijg I’ mpdg 6 and tij¢ E tevpaymvov.
11.
Ad libr. X prop. 31.
Afjupa glg T6 Aa'.
_ ’Eav dar Yo eb@stor év Adyp wwvi, iotar dg 7
svPela meog Ty vdelay, 0TTOg TO VMO TV Jvo mWPog
70 ano tig layierng.
"Eotwoay 8% 0vo s0dciar af AB, BI" év Adye tuvi
Aéyw, ot dotlv @g % AB meds v BI, olreg 1o

10. Post prop. XXIX p. 88,18 V. 11. Post prop. XXXI
p. 92,24 V.

4. AB) e corr. V.
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quoniam AJE = BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangulorum
latera angulos aequales comprehendentia in contraria
proportione sunt {VI, 14], erit 4B:I'd =TE: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX.
Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita quadratum rectae

ad quadratum alius alicuius rectae.
Sint duo numeri dati 4, B, recta

At autem I'; et oportet efficere, quod
B———" propositum est. fiat enim #:B=TI":4
I ' [prop. VI coroll.], et rectarum I', 4
;::~ —|' media proportionalis sumatur E[VI,13].

iam quoniam est 4:B =1I:4,
:d=T?%:E? [V def 9], erit 4: B=1T": E%.

11
Ad libr. X prop. 31.
Lemma ad prop. XXXI.
Si duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad qua-

dratum minimae.
Duae igitur rectae 4B, BI" in ratione aliqua sint.
dico, esse 4B: BI'= 4B >< BI': BI'®, describatur
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n6 vov AB, BI" ngdg ©0 dnd tijg¢ BI. avaysygapdao
yap and tijg BI' tergdyovov ©0 BAEI, xal ovyu-
nendnpwodw 10 A4 magelinidyoaupov. @avepdy 81,
0re dotlv g n AB medg v BI', obrwg 10 Ad
nepaAinAdygaupov meds t6 BE magalinidypapuov.
xol dove 10 piv A4 16 vwd rov AB, BI lon yap
6 BI' tj B4* ©o 8t BE 16 dnd iig BI™ dg dea 7
AB mpog tqv BT, ovreg ©0 vnd tév AB, BI' mgos
76 and i BI™ Gmep &0s dettou.

12.
Ad libr. X prop. 32.
Afjppa &lg 1o Af.

'Eav dov toels e0deiar dv Adye i, forer dg 7
TeWTY TEOG TRV TELTYY, 0VT®WG TO VWO THG MEWTNG Aacl
uéong medg 0 Vmo tiig péong xal fAayiorns.

"Egrweay tosly evdelow év Adyo mvl af AB, BT,
I'a Aéyw, om0 dotlv g 1) AB medg tyv I'd, ovrwmg
70 vmd tév AB, BI' mpds 16 vmo tév BI, I'4.

"Hydw yap ano tov A onuelov ) AB mog opdag
% AE, xel xsic®e tfj B lon % AE, xal O rob
E onusiov tf; Ad ebdela mapaiinios 7jyde ) EK,
dia 0% tdv B, I', 4 onuelov vfj AE nepadinior 7x-
dawocev of ZB, 'O, 4K. xal Znel éotiv og 7 AB
npog v BI, ottwg 10 AZ magaiinioppappov weog
10 BO magaiinldyoappov, og 6t ) BI' medg wy I'4,
ottwg 10 BO® mdg ©t I'K, 8. ioov doo @g % AB
ngog v I'4, otrws 10 AZ magailnioyoapuov wedg

12, Post prop. XXXII p. 96, 8 V, mg. m. rec. B.

8. Post Ad ins. Pm. 1 V. 4 Ad] Aeras. V. 7. 1ijg]
inras. V. BIr'JTecor. V. 12, 16 vnd] in ras. V.
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y B enim in BI" quadratum BAET, et
] | expleatur parallelogrammum A 4.
l | | manifestum igitur est, esse
4 E AB:BI'e= A44:BE [V], 1).
et est 44 =_A4B><BI (nam BI'=Bd4), BE=BI"
itaque erit 4B: BI'=_4B>< BI': BI'*; quod erat
demonstrandum.

12.
Ad libr. X prop. 32.

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI, I'4 in ratione aliqua sint.
dico, esse

AB:T'd = A4AB><BI': BI'><I'4.

ducatur enim ab A4 puncto ad 4B perpendicularis
AE, et ponatur 4E=BI, et per E punctum rectae
p B I 4 A4 parallela ducatur EK, per
puncta autem B, I', 4 rectae 4E

Il i (L | parallelae ducantur ZB, I'®, 4K.
et quoniam est 4B:BI'= 4Z:BO
{VL, 1], et BI''I'd=B6:I'K VI, 1], ex aequo erit
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10 I'K magalinioypappov. xai ot 10 wiv AZ to
vnd v AB, BI™ lon yee 1 AE tjj BI' o ¢ T'K
10 vmd v BI, I'd: lon yap % BI tf I'®.

‘Edv fpa toely aow svdelow dv Adye nwvi, iotal
©¢ 7 WYWTY WYOG TV TPLTYY, 0VT®G TO VWS THG TEWTYG
xel péong meog O VW tig méons xal Tvoirng' Omeg
§0e Ostka.

13.
Ad Iibr. X prop. 32 lemma.

"H zal 61, fdv avaypaywusy t6 EI dpdopwviov
napaAdnidypappov xal ovuwAnodowusy 16 AZ, isov
éotar ©0 EI" © AZ" éxavsgov pio alnav Simddoiov
éot tov ABI towywvov. xal éoti v pév EI 10 vmo
tov BI, Ad, ©6 0t AZ ©6 vno 1év BA, AL 10
tga vnd 1év BI, Ad icov éotl 16 vmd tov BA, AT.

14.
Ad libr. X prop. 33.
Afjpua &g o Ay’

Ecv e0@eia pooppy tundi &l dviea, é6tar dg %
ev8sie weog Y evPeiav, oTrwg O VWO g GAng el
rijg uellovog meog TO VO g OAng xal tig éAdrrovos.

Evdsia ydg mig f AB terunodw sly dvidu xata
10 E° iéyow, 61t &g § AE meds viv EB, olrwg 1o
vno téov BA, AE mgog td vnd téiv 4B, BE.

‘Avayeyoupdo yag amnd g AB tergdywvov to
AT'4B, xal dia vov E onuelov omorége 1év AL, B
" 13 Inter AT et Gmeg p. 98, 156 PBFVb.  14. Post
prop. XXXIII p. 102, 4 V, mg. m. rec. B,

3. I'd] 4 in ras. V. 5. meog — 7. deibe] nal ELijs B.
8. 7] om. FV.,  xel] xel fuzae b. 9. gvunlnedoopey P,
corr. m. 2, 10. zo] corr. ex. 6 V. 11, EI'] e corr. V.
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AB:I’'d=AZ:I'K [V, 22]. et AZ=AB><BI (nam
AE=BTI'), ’K=BI'><TI4 (nam BI'=1I@). ergo
si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-

strandum.”)
13.

Ad libr. X prop. 32 lemma.

Uel etiam quod, si rectangulum ETI" descripserimus,
et 4Z expleuerimus [u. fig. p. 97], erit EI' = AZ;
nam utrumque =2 4BI" [I,41]. et EI'=BI'>< 44,
AZ = BA>< AI. ergo est

BI'>< A4 =B A AT.

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
angulum totius ac minoris.

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB-==BAd>< AE: AB>< BE.
- describatur enim in 4B quadratum AI'JB, et
per punctum E alterutri rectarum AI', B4 paral-

1) In B in pag. seq. figura est nostrae similis, nisi quod
litterae 4, E omissae sunt, et pro B est €; adduntar numeri
quidam et ozfjpe tov juuaros Tob meoypapévrog, omnia m. rec.
in textu prop. 32 (ad xal éwsl{ p. 94, 11) signo quodam ad
hoc lemma renocamur.

6] té b. 12, vdw] (prius) om. P. 6] (sec.) 16 b. 14,
elg 0 1y’) meo vov 1d° postes add. B. 18, fora:] in ras. V.
18. rg 7] e corr. V m. 2.
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nagadiniog fjpdo ¢ EZ. @avegdv ovv, Gt dg  AE
mpog v EB, ottwg 10 AZ magaiinidyeapupov medg
10 ZB magadiyAdyoappov. xai éove 1o piv AZ 1o
vwd tov BA, AE" ion pag 7 A ©fj AB* 6 6t ZB
70 Umd tév AB, BE' ion yag 7§ B4 tfj AB. ag &ge
n AE moog v EB, ovtwg 10 vmwd v BA, AE
7pog 0 vmd 1y AB, BE' Omeo £der Ositau.
15.
Ad libr. X prop. 34.
Anppe.

‘Eav 66t 0vo evdslow dvicol, tundy Ot 7 élayiory
avroy &lg loa, 10 Umd 1oV dvo evdadv duwAdeiov
éotar Tov Tijg pelfovog xal Tig fuioslag Thg éAayioTys.

"Eotwoay dvo ebdeiar &vicor af AB, BT, dv ueifov
éotw % AB, xal rerwode % BI diya xara t6 4°
léyw, 611 1O Umd tov AB, BI' duwhdoidy éote Tov
vmwo tov AB, Bd.

"Hy®o yag axd tov B onueiov vfj BI" mpodg dpdug
1) BE, xal xelofw tfj BA ion § BE, xal xave-
yeppd@da o oyfjuc. énel ovv donwv dg 7 AB medg
iy AT, ovrwg 16 BZ meds ©60 JH, cvvdévn dga
&g % BI mpog v AT, ovtwg ©0 BH mgos 16 AH*
dumdaciov 0¢ dovwv 1 BI g AI™ Odumdaciov éGga
éotl xal ©0 BH tov A4H. =xoai éove to ptv BH 1o
vwd trov AB, BI'" ilon pap § AB ©fj BE' 10 6t
AdH v vmd vév AB, B4 ion yap i ptv B4 5 4T,
vj 08 AB 7 AZ' Gmeg Eder deibau.

15. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix
legi potest).

4. ZB] BZ B. 6. zdbv] om. V.  AB] (prius) e comr. V.
8. 1fjupc meoyoagdusror B.  19.tivijom. V. 21, A" g B.
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p lela ducatur EZ. manifestum igitur est,

Az_-_E— esse AE:EB=AZ:ZB [VI, 1] et

‘ l AZ — BA > AE (nam AT — 4B),

| | ZB= A4B><BE (nam 4B= AB). itaque

Ii Z— erit 4E: EB = Bd>< AE: AB>< BE;
paj

quod erat demonstrandum.

15.
Ad libr. X prop. 34.

Lemma.

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales 4B,
4 B4 I BI', quarum maior sit 4B, et BI'
in duas partes aequales secetur in 4.
| | dico,esse AB><BI'=2 AB><BA.
i ducatur enim a puncto B ad
EzZ H pr perpendicularis BE, et ponatur
BE = BA4, et describatur figura. iam quoniam est
AdB: JI'=BZ: 4H [VI, 1], componendo [V, 18]
erit BI': AT'==BH: 4H. uerum BI'=24TI. itaque
etiam BH = 24H. et BH = 4AB><BI' (nam
AB = BE), dH= AB>< B4 (nam B4 = 4T,
AB = 4dZ); quod erat demonstrandum.
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16.
Ad libr. X prop. 36.

"ExcAecs 0% avrqy éx 0vo dvopdrev dix to éx
0vo fnrdy avrny ovyxeloBar xvgiov Svope xaldv
70 dnrdv, xa® O Gnrov.

17.
Ad libr. X prop. 37.
"ExdAscs 0% adriy éx 0vo pécwv mpmrny did o
énTov meguéyey xal mwootegely To $nrov.

18.
Ad libr. X prop. 38.

’Exalece 0% avtyy éx dvo pédav desvrépav dia to
uédoy meguéysy 0 VX avrdv xal uy ¢nrov, dev-
tepevay O0F O peoov tov Jnrov. Ot 8% TO Umo ¢nrijg
xal dAéyov megieyduevoy &loyov doTiv, Ondov. &l pag
Zotar Gnrov xal wagaféPinras magn yriy, & dv xal
7 éréoa avrod mwAsvea $nry. dide xal &loyog' Ome
dromov. 10 Gge VmO ¢nris xal dAdyov &Aoydv dotuv.

19.
Ad libr. X prop. 39.

‘ExcAeos 0t avry pecfove dia to ta @nd tv A B,
BT ¢nue pelfove elvar vov dlg vmd tév 4B, BI'
péoov, xal déov elvar dmo g TV dnTdY olxsdTyrog

16. Inter dvopdrwy et Gnee p. 108, 16 PBFb,  17. Inter
mewrn et Smze p. 110, 8 PBFb., 18, Inter dsvréoa et Sxmep

p- 114, 2 PBFb, gro scholio V m. 1. 19. Inter pector et
omee p. 114, 22 PBFb, mg. V.

1. {nddecev PBF. 2. ¢gnidv] dvopdroy F.  cvyneioBa]
naleicBar F (sed corr. mg). 4. #xalessy PBF, 5. mpw-
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16.
Ad libr. X prop. 36.
Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen nocans.

17.
Ad libr. X prop. 37.
Uocauit antem eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad libr. X prop. 33.

Uocauit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur.

Spatium autem rectis rationali et irrationali com-
prehensum irrationale esse, adparet. nam si rationale
est et rectae rationali adplicatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; gquod absurdum est. ergo spatium rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.

Uocauit autem eam maiorem, quia rationalia
AB? + BI® maiora sunt medio 2 4B > BI', et

rseevey F. 6. #xdlessy PBF. 6] 76 w6 FV, 8. d¢
(prius) om. V. 9. f0z: BV, comp. Fb.” 11, mlsvea adrot F.
18. éxdlscey PBF. 15, péowy PBFD.
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v ovopaciav tarreddai. Ote 0F peiltovd foti Ta dmo
1oy AB, BI 1oV dig vn6 tév AB, BI, ottmg deaxtéov.

Davegdv ulv odv, Oon dvieol elow af AB, BI.
& yap noev low, i6a dv fv xal ta and tov AB, BI"
= Olg vwd tév AB, BT, xal v &v xal v6 o vy
AB, BI' ¢ntdy’ 8mep ovy vmoxsizar &vicor doo eloly
a«f AB, BI. {moxelodao pelfov n AB, xal xeledo
tj BI' lon 7§ BA" ta dpa and tov AB, B loa éotl
1@ t& Olg vwd tov AB, BA xal t6d amd vijg JA.
ion 0 ) 4B tjj BI'" ta &ga and tov AB, BI" ice
dorl ©d ve Olg Ymo tdv AB, BI' xal ¢ dmo rtijs
A4 &ore te and tov AB, BI ueltova &lvar tod
olg vwd v 4B, BI" ©6 dno AA.

20.
Ad lhbr. X prop. 40.

‘Pyrov 0t xal péoov Svvaudvy xaldelrar atry dix
70 Svvacdor 0vo ywela, To piv gnrov, o Ot pécov:
xal i TY tov ¢nrod meovmagby mpmTov fxdAsdev.

21.
Ad libr. X prop. 41.

Kalet 0% avry dvo péoa dvvapévqy Ox o Ov-
vacdar avty 0vo péoa ymplx T0 T Cupxelpevov £x
tov and tov AB, BI" xal 16 dlg vnd tdv AB, BI.

20. Inter Ovwvapévn et omep p. 116, 18 PBFb, mg. V.
21. Inter dvvauivn et dmse p. 118, 17 PBF Vb,

1. 0¢] 3% xal P. &né%con. exvmd m. 2 F. 2 ofre
BVb. 3. ovv] oty domiv F. 8. d=d] vm6 V.  BJ] corr.
ex BI' V. 9. dno] 9mé F.  zig] tov F, om. Bb. =~ 44d]
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oportet nomen a proprietate rationalium dari. esse
autem 4B%-}- BI"*>2 4AB>< BT, sic demonstrandum est.

—— iam manifestum est, 4B, BI'
44 B I inaequales esse. nam si aequales
essent, -esset etiam AB? 4 BI'*=24B>< BI, et
AB >< BI et ipsum rationale esset; quod contra hypo-
thesin est. supponatur 4B > BI, et ponatur B4 = BI.
itaque 4B+ BA%=24B> Bd + 4.4° [1I, 7).
nerum 4 B = BI. itaque .

AB* 4 BI* =2 AB>< BT 4+ A4%

ergo AB% 4 BI™® excedit 2 4B >< BI" quadrato o .A4*

20.
Ad libr, X prop. 40.

Spatio autem rationali ac medio aequalis quadrata
uocatur haec, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter princi-
patum rationalis primum hoc nominauit.

21.
Ad libr. X prop. 41.
Uocat antem eam duobus spatiis mediis aequalem

quadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B*4 BI'® et 2 4B>< BI" [u. fig. p. 119].

A4 P. 10, énd] %6 F. iox — 12. Ad] w. 2 V. 1L
énd] corr.ex vwo m.2F. 12. za] ©6 F.  elvas] dori BFVD.

13. amd] corr. ex vmo m. 2 F, dA] tiig 44 b et corr.
ex iy 44 F. 14, ¢nrdv — avin] xelsitar 3% avn? V.

duvapévny BFb, et P, corr. m. 2. xoldeltar adon) adeiy
walel BFb, 16, mj»] wd» V.  Post modzov add. zo fnrov
BFb, m. rec. P. énalese V. 17. wnalel — Svvapévnr]
om. V. 19. dn6 tév] om. V. 6] zov P.
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22,
Ad libr. X deff. alt.

“Et ovv ovody Tov ovrms xevalepfavoudvev ev-
ey vdrreL mporag Tf tdke toels, p’ av ) peltov
i éAdaoovog pelfov dvvarar té and cvuuérgov favr,
devrédpag O} i) tdke Tag Aoumag vels, dp’ Gv TH dmd

5 acvpupéroov, dia TO WPOTEQEY TO GUUWETEOY TOD doUU-
uéroov’ xal fri mewrny pév, ' g 1o psitov Gwops
ovupcroy dots Tf Sxxeaufvy fncy, deviépav 84, i’
7 ©0 EAacoov, 8id TO mddw mootspelv TO pelfov Tod
éAdooovog T éumegiéyey to EAacdov, teltyy O, i’

10 v pndéregov vy Svoudtwmv oVpucredy fote T éx-
newpévy Oy xal éml tév éEfg tewdv Opolwg THY
mewTny Tig slonuévns devrépas taswg TeragTy xaloy
xal Ty Oevrépay mépmrny xal v toltny ExTyv.

23.
Ad libr. X prop. 90.

"Eott 0% nal ocvvropwrtegov deltar Ty bgeoy THv

16 eloquévoy £t dwotoudv. xal % forw edpsiv T
mowTny. &xxelodw 7 éx dvo Svoudrev mewty q AT,
%g ueitov Svopa § AB, xel vij BI' ion xeiodw 4 BA.
af AB, BI' &pa, tovtéerv of AB, BA, ¢nral &lo
dvvaper povov evupstgor, xal y AB tijs BI', rovr-
20 fote tijg B, psifov dvvarar to dxd Guupfroov éavry,

22. Post fxty p. 136, 19 PBFb; mg. V, sed add. xefusvoy.
23. Post deikar p. 274, 156 PBFVb.

1. ot¥] m. 2 F. ovrm BFb. 8. Ante ovy.yergou ras.

1 litt. B. 4. t¢) mut. in 1:o m. rec. P, corr. ex 76 F, w6 b
5. aavmtetpov] aovppéroov favey V., aouppstoov] svppérgov V.

6. mewtn B, sed corr. m. 1. 7. dsvreeov P, corr.m.rec. 8.
flarzov Bb, comp. F. 9. idrrovog Bb, comp. 'F. ze] e corr. V.



APPENDIX. 401

22.
Ad libr. X deff. alt.

Cum igitur rectae ita inuentae sex sint, ordine
primas tres ponit, in quibus maior quadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
gqua maius nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundam quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quoque inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
—_ ~, positum primam inuenire. ponatur 4I"
4 4 B T rectg ex dnobus nominibus prima, cuius
maius nomen sit 4B, et ponatur B4 = BI. itaque
AB, BI', hoc est 4B, B4, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et 4B?
excedit BI®, hoc est B 4% quadrato rectae sibi com-
mensurabilis, et 4B rationali propositae commensu-

10. ot ovpuetgoy BFb. 11, #ml] corr. ex éme’ V. 14
ge’ BVb, fory B. svonory FV? 15. €] om. b.
16. 7] (prius) om. PV. 17, xx:el68o V.  18. eloww B.

Fuclides, edd. Heiberg et Menge. III. 26
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xal 1 AB ovuperpog fove Tf Exxeiuévy Gnrh wixe
amoroun doa meaty fotlv 4 AA. Opoiwmg 0% xel tag
Aoumag amoropag svgrcousy xBéusvor Tag Lcagiduoty
éx 0vo Svoudrav Omep #0& deifau.

24,
Ad libr. X prop. 115.
"diras.

"Eore ugon v AI™ Aéyo, 6tv dmd tfig AT &meigor
“hoyor ylyvoviai, nel ovdeuie 0VdewidE TGV WEOTEQOV
N avr).

"Hydo ©ij AI" mpdg dpPag v AB, xal f6tw ¢qry)
% AB, xal cvumeninewodw t6 BI &loyov &ou fotl
76 BT, xal % dvvauévy adrod dAoydg doniv. Svvaodw
witd § I'd" ahopog doe fotly o) I'd. xel ovdeuud
TV mECTEQOY N @UTY® TO ya@ am ovdeuids TGV WEO-
tegov maga dnTay mepafarlopsvoy mAdvos moisl pEony.
Ay ovuneniAnpwodo 0 EA* &loyov &pa detl 1o
Ed, xal % Svvapévy avrd &loydg dotiv. Owvvacde
attd § AZ° ahoyog Gge dotlv ) AZ. xal 0Vdsuid TV
mooTegov 7 avTy’ TO yig am’ ovdsuids THV MEOTEQOY
mwage ¢nriy magefallopsvov mddrog mosl Ty I'4d.

‘Ano péomg doa émewgor dAoyor plvovraw, xal ov-
deula oV8epid tdv mootegov 4 avri doTiv: Omep éde
deitat.

24. Post dsifor p. 870, 238 PBFVD,

3. uBipevot] v e corr. P.  tdg] om. V.  eloaqiduovg B.

4. 6mep £t Seiken] om. BF VD, comp. P. 7. yivovrau V.
ovdepia] om. PFV, 8. ] éomv 7 B. 10. dloyov] in
ras. @. &loyoy — 11. B’ mg. m. 1 P. 11. %6 PBV,
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rabilis est [deff. alt. 1). ergo 4.4 apotome est prima.
similiter igitur reliquas quoque apotomas inueniemus
expositis rectis ex duobus nominibus eiusdem numeri;
quod erat demonstrandum.

24.
Ad libr. X prop. 115.
Aliter.

Sit 4I" media. dico, ab AT irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.

Ducatur 4B ad AT perpendicularis, et rationalis
sit 4B, et expleatur BI. itaque BI" irrationale est
[prop. XX], et recta ei aequalis quadrata irrationalis
4 T Y, Z est. sit I'da®*= BI. itaque I'd

‘ ' irrationalis est. nec ulli priorum si-

| milisest. neque enim ullius priorum
B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed. itaque E4 irrationale est [prop. XX], et recta
el aequalis quadrata irrationalis est. sit 42°=E4.
itaque 4Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum quadratum rationali ad-
plicatugn latitudinem efficit I'4.

Ergo a media irrationales numero infinitae oriuntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. fotiv] comp. Fb, dope PBV.  20. dnd zjs
Bb, tijg add. m. 2 F. ~ yiyvovter B.  o0dcpia] om. PFVb,
21, ovdeplay @.  d6uv: Gmep £der deifer] om. BFb.

26%
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25.

‘H 1ij éAd6oov. ovppcrpog éAaconv ativ.

*Eorw éldocov 7 A, xal tfj A evpuergog [forw]
7 B* Aéyw, Gt B éldgoav doriv.

Kelobo §qrsy) 1) I'd xal 6 and tig A loov mape
vy I'd magaPefirjodo 0 I'E mlavog mowodv iy
I'Z: émorouy) &oa éotl vevagry 5 I'Z. tp 0% amwo tijg
B loov mage iy ZE magaPePricde to ZH midrvog
nowovv Ty Z@. émsl ovv evuuergds dorwv 4 A 7 B,
ovpucrpov dga éotl xal to dmd tijg A TH and tijg B.
alé& e piv amd vijg A leov éorl ©d I'E, 16 Ok
and tiig B loov éderl ©0 ZH* odupcrgov doo éorl
10 I'E ©¢ ZR. ag 0% 10 I'E mgos 0 ZH, ovrmg
dotlv n I'Z mpog v Z@®* ovuuergog dpa éotiv
1 I'Z v} ZO uixe. amorouy 0¢ é6ti vevdery % I'Z:
amovouy doa forl xai 7 ZO revaery' o HZ épa
weguéyerar vwd fnrijs tijs ZE xal amovoudjs terdgrng
tijs ZO. éav 0t ywelov megiéymron VO $nrig xal
amorouiis TetaQrTng, T TO ywelov Svvaudvy éAdccwy
dotviv. dvvarter 0 ©o ZH % B* ZéAdocav é&pa foriv
% B. omep &0&t detka.

25. Alia demonstr. prop. 105, post nr. 24 PFV, mg. m.
1b m 2B, inV etiam ad prop. 106 mg. m. 1 (V,)

1. dMawg 70 s’ Vs, et b, e’ B; e’ F, o;; m.
{ldrroy F. 2. dldvioy F.  fotw] om. PV. 3. Zor/
comp. V, et postea ins. 9. 4. éxneloBo BLV,. mr‘;
I'd) yae 4 T'd énoij BV,, 7 I'd ey b, 9 I'4 F. E
6. ta] ©6 PB. 7. Post ZE add. I'd P, et V, sed de
tj B) corr. ex BHB m. 1 V. 9. doz/] om. BFbV ‘tm]
corr. ex 6 B, mut. in 76 V,. 10. {oziv P, om. V 6
w V, et B, sed COrT. 11. Zot¢] om. BFbV ro] corr.
ex ﬂn V,. ZH] in ras, m. 1 18. e’o’rw] om, FV,.
rz) in ras. m, 1 P. dotiv) om. V. n I'Z) postea

°°Q :-.’U!“
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25.

Recta minori commensurabilis minor est.

Sit minor 4, et rectae 4 commensurabilis B. dico,
B minorem esse.

ponatur I'4 rationalis, et quadrato 4? aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
r z e itaque I'Z apotome est quarta
"I B—' [ [ | [prop. C]. et quadrato B® aequale
l rectae ZE adplicetur Z H latitudinem
efficiens Z®. iam quoniam 4, B
4 E H commensurabiles sunt, etiam 4%, B?
commensurabilia sunt. est autem I'E == 4%, Z H == B,
itaque I'E, ZH commensurabilia sunt. est autem
T'E:ZH=TZ:Z6. itaque I'Z, Z® longitudine com-
mensgurabiles sunt [prop. XI]. I'Z autem apotome
est quarta. itaque etiam Z® apotome est quarta
[prop. CIII]. itaque HZ rationali ZE et apotome
quarta Z® comprehenditur. sin spatium recta rationali
et apotome quarta comprehenditur, recta spatio ae-
qualis quadrata minor est [prop. XCIV]. et B*=ZH.

ergo B minor est; quod erat demonstrandum.

add. V,. 15, dovl] dotiv P. 26) OZ P. 16 HZ — 16.
ZE] mg. m. 2 B, ¢nn 8t 7 ZE Bb, §nry) ¢ney St n ZE F.

18. fldrroy B. 19. dovf PVV,, comp. BFb.  Zldscwy
— 20. dzifar] om. F. 19, doa] om, P.  20. 8msp £3s: deifar]
comp. P, om. BbV,. In b add. lozéow, 8z. ) tovzov zob Hea-
efjuctog mobzacig 1) avry fori T tob @s’, oBev xal v Tols
fow nequléletmrar, 7 8t natayoapy) nal to opjpe oV Ta avre
eloy’ yéyeanrar O 27 dllo xal guf’, 8to nal rfyu‘c T0Vt0 MetQa-
tedelnapey.
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26.

‘H t5; peta ¢ytod uégov td GAov morovey
cvuperoog peta ¢nrod péeov to GAov moLov o
otiv.

"E6vw pera gnrotv wécov o Olov moovda 7 A,
ovppergog 0 avrij 7 B* Aéyw, 6tt § B pera fnrov
uéoov to OAov mooved 6Tiv.

‘Exxeledo dnqrn n I'd, xal 16 ptv dnd vis A4 icov
nege v I'd megefspinofto 10 I'E mdAatog moiovw
v I'Z" dmotour doa éotl méumeny § I'Z. @ 0k and
tijs B loov maga iy Z E magafefiiodw 16 ZH niarog
nowoty Ty Z@. émel ovw ovuucreds éotwv v A i B,
ovppetooy éove xal vd and tijs A Té awd tig B. dida
16 udv ano tig A loov ©o T'E, t¢ 0 amo vig B
loov v0 ZH: evpuergov &ga ot ©0 I'E w5 ZH-
ovuuctpos dpa kel § I'Z 1) ZO urxse. amorous OF
néuwry 5 TZ: dmorouy dea Zorl méumrn xal 7 Z0O,
$nry 0 7 ZE- fdoav 0% ywelov megiéymran vmd Gnrijs
xel amotouijs méumrng, N 0 ywelov dvvapdvy psra
gnrov uéoov 16 Olov morovod €otiw. dvwarar 0F TO
ZH 5 B' 7 B dga 7 pera ¢nrod péoov to Sdov mor-
ovGa éotiv’ omep £0& Oetbou.

26. Alia demonstr. prop. 106, post nr. 26 PFV, mg m.
1 b m 2B, in V etiam ad prop. 106 mg. m. 1 (V,).

1. ¢Mwg o o¢' V,, eun’ Fb, 9;8' B. 7 — 8. o)
om. V,. 2. Ante prra add. xal avrf m. 2 F, xal adry 7 b,
nF. 4 fovw 7 BFbV,. b, xal tjj A ovpperoos 7 B V,.

léyo — 6. éoriv] mg. ‘V,. 6. 7 B] supra scr. m. 1 ¥,
9. dotiv P.  méumen doriv F. 12. B] B4 o. 18. I'E}
corr. ex ZE V, ZE b, 16, xal] dotl nel V,. Z@il corr. ex
re v, re P.  16. méumry] (prius) om.b. 7] feriv 5 bV,.
17, gnroy P. g 0 5y ZE) om. V,. 19. ot VDLV,
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum medium effi-
ciens est.

Sit A4 recta cum rationali totum medium efficiens,
ei autern commensurabilis B. dico, B rectam esse cum
rationali totum medium efficientem.

ponatur rationalis I'd, et quadrato 4! aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
itaque I'Z apotome est quinta
{prop. CI]. quadrato autem B?
| ‘ aequale rectae ZE adplicetur ZH

i
1 1| | latitudinem efficiens Z@®. iam
4 Bd E

‘FZ e

quoniam A4, B commensurabiles
sunt, etiam 4% B? commensurabilia sunt. est autem
I'E= A*, ZH = B itaque I'E, ZH commensura-
bilia sunt. quare etiam I'Z, Z® longitudine commen-
surabiles sunt [V], 1; prop. XI]. I'Z autem apotome
est quinta. itaque etiam' Z® apotome est quinta
[prop. Clll]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B? = ZH.
ergo B recta est cum rationali totum medium efficiens;
quod erat demonstrandum.

comp. BF. 8é] om. V., 20. %] (tert.) PVV,, om, BFb.

21. louw] supra scr. V,. Omse &8s Seifad] comp. P, om.
BFbV,. In b add. m. 1: dcadrtws xal tovTov T06 Beweriparog
7 medsacig 3 avry fore T Tob of, of wiv 7 xarayoagn xal
20 oyfipe duslvo o advte slow. fon 8% dv fréoo nal qun’, Oio
ual nuiv negayéyoantar. slta 1o Evdov quf’ év Exelvo doti g8’
nal £E7g ta lovmwed,
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27.

Hgoxsic®w fulv detfac, 0Tt éxl Tdv Tevga-
YEVOV CYNudTEV QOVEEETeds foTiv 7 didpe-
rpog Tij WAsvpd pixee.

"Eotw terpaywvov 10 ABI'A, didustgog 0% avrov
0 A" 1éyw, ot ) I'd a6vpuetedg éote tfj A B paxer.

E¢ yig Svvardy, fotw evppcrgog’ Afym, Ot Sup-
pricetan tov avrov deuBudv dgriov sivar xul mEQLEGOY.
pavegdy ulv ovv, Ot ©0 dwd vig A dimddeiov Tov
ano tijg AB. xal émel ovpperods dovww y I'A v AB,
% I'd doa mpdg tiv AB Adyov &yei, Ov doiduds meods
aguduov. &ftw, ov 6 EZ mpdg H, xal Z6twoav of
EZ, H é\dyietol tav 106v avrov Adyov éydviav alrolg”
ovx doo povag forlv 6 EZ. & pap Eotar povag 6
EZ, ége 0t Adpov mpog tov H, ov s ) AT moog
v AB, xal pelfov 7 AT tijg AB, pslfov oo xul
7 EZ tov H aguBuol omep &romov. ovx dga povig
oty 6 EZ* aiduds doo. xal émel dovwv og 7 I'd
ngdg v AB, ottwg 6 EZ mgog tov H, xal og Goa
10 and tijg I'dA mog 0 dmd g AB, olrws 6 amd
to0 EZ mpdg tov amd tov H. duwddeov 0% 10 dmd
tijg I'4 tov dné tij¢ AB- dimiaciov Goa xal 6 amod
tod EZ tov and rov H* dgriog Goa éotlv 6 dmd tod
EZ: dore xal attdg 6 EZ &oridg dotiv. &l pag v
TEeQLOGOS, xal 6 dm’ avToV TETEEYWVOG WEQLOGOS T,

Post. nr. 26 PBF Vb,

et’ b, en” B; o5’ comr. in @’ m. 2 F. 1. én] m. 2 B,

2. svupergog F, corr. m. 2. 5. I'd) A FV.  ovupcreos
F, corr. m. 2, 7. mequrzay V. 8. fote Tov Bb, Zen add.
m. 2 F. 9. tijg] corr. ex. zov m. 1 b. TI'd] A" F. 10.
4] in ras. V, AT F. &oa] om. V. 11. 6»] in ras. B,
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21,

Propositum sit nobis demonstrare, in figuris qua-
dratis diametrum latusque longitudine incommensura-
bilia esse.

Sit ABI'd quadratum, diametrus autem eius AT
dico, I'4, AB longitudine incommensurabiles esse.

pam si fieri potest, commensurabiles sint. dico,
fore, ut idem numerus et par et impar sit. manifestum
igitur, esse AI™ =2 4B% [I, 47]. et quoniam I'4,
AB commensurabiles sunt, I'4 : 4B rationem habet,

A B Z- (uam numerus ad numerum
-i(—_‘ ‘ [prop. VI]. sit
AN Im____. I'd: AB = EZ: H,
~og et EZ, H minimi sint eorum,
4 r qui eandem rationem habent

[efr. VII, 33]). itaque EZ unitas non est. si enim
est unitas, et EZ:H = AI': AB, et A" > AB, erit
etiam EZ > H, unitas numero [V, 14]; quod absurdum
est. quare EZ unitas non est. ergo numerus est
et quoniam est I'd: AB =EZ:H, erit etiam
IA4%: AB*= EZ%: H* [VI, 20 coroll.; VIII, 11].
uerum I'4® =2 4 B% itaque etiam EZ! =2 H® quare
EZ?*® par est. itaque etiam ipse EZ par est. nam
si impar esset, etiam quadratum eius impar esset,

EZ] E in ras. m. 1 P. zo» H BFb. 12. H] om. b.

14, fya1 8¢] xal £zee BFb. "0603 (prins) comp. corr. ex
comp. xaef m. 1 F, 16. Post EZ add. gorag Bb, m. rec. V.

17. omv] (prius) m. 2 F. 4] AT B. 18. zov] o in
ras. B. 19. T4A] 'inras. V. 4B] Binras m.1 P. 21,
i) oo PFV. e¢no tijg] m. rec. V. is] oo P di-
niaaioy F, dimlacios V. 6] z6 Fb. 22. to¥) éprimum)
tie F. 23, @ore] -e e corr. V. 24, 9] &v 4y V.
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émeidrjmeg, dov weuacol douipol 6mosolovY ovvTEddaLY,
0 0} mATPog avrdy WEQLEGOY 1), & DAog TEQLOGOS éoTiy”
0 EZ gga &guiog dotwv. terunode Olya xata to 6.
xal €nel of EZ, H é\ayiotol el6L v Tov avtdv Adyov
éydvrov [avrolg), medror meog ardfjlovg elolv. xal
0 EZ &griog' meguocog dge fotlv 6 H. & ypap qv
toriog, tovg EZ, H dvag fufres” mdg pag Ggriog
éyeL pépog fuiov. moeTovg dvtag medg addqjiovs: Omeg
dotlv ddvvarov. ovx dgua Goridg €ty 0 H' megueaog
doo. xel émel dimdadiog 0 EZ tov EO, tergamidoiog
doa 6 ano EZ tov and EO. duwheoiog 08 6 dmd tov
EZ tot and 100 H' duwhdoiog dpa 0 amo tov H tov
and E®° &griog doa fotlv & amé vod H, &oriog dpo
dwx ta elgnuéva 0 H' dAdd nal msuoadg” Omep dorly
advvarov. ovx dpa ovpuetpdg fotiwv 7 I'd tfj AB
urjxer Omeg £de Oeikou.

"dAdosg.

[dextéov xal érégag, 0Tt dovuperods éoTiv 7 Tob
terguywvov dausTgog Ty wAsved).

"Eotm avrl ptv tijs Oiauérgov 1 A, dvrl 0 g
nleveds 1 B Adyw, Gt aovuucreds dotiv m A i B
pijxes. &l yag dvvardv, Eorw [ovuperpog’ xal yeyovirm)
nddw wg 1) A nedg ty B, ovrwg 6 EZ douBudg meog
1ov H, xal éorocav élayioror tév tov avtév Adyov
éyévrov adrois of EZ, H' of EZ, H &ga medrot mpdg

1. ovvre®moe PFV. 2. 6] om. B, xal 6 FV. 3. lonv)
comp. Fb, doru PBV. @] e corr. B, 4. H aquduol BFb,
5. avroig] om. P.  elo PVb, comp. F.  xal] xaf Zomiy
BFb. 7. ueroel F, corr. m. 2; a&» Zufroer bene edd.  10.
dinldoiog] Sindacids dorw F, Simdadlov dotiv Bb. 11, and)
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quoniam, si numeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eorum, qui eandem ra-
tionem habent, inter se primi sunt [VIIL, 21]. et EZ
par est. itaque H impar est. nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E@, erit
[VIII, 11] EZ® =4 E®G* est autem EZ® = 2 H:.
itaque H®* =2 E®®, quare H?® par est. itaque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'4, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.

Sit pro diametro 4, pro latere autem B. dico,
A et B longitudine incommensurabiles esse. nam si
fieri potest, sit rursus ut 4:B, ita numerus EZ ad H
[cfr. prop. VI], et EZ, H minimi sint eorum, qui
eandem rationem habent [cfr. VII, 33). itaque EZ, H
primi sunt inter se [VII, 21]. primum dico, H unitatem

m, 2 F. EZ] to¢ EZ Bb, m. 2 F. E®] wot EO Bbg.

12. H] (prins) H 7 b. 1s. E®)] OFE in ras. V, rov E®
BFb. 14. {otiv] om. V. 15. I'4] in ras. V, supra scr.
4b. 16 Post prjxee add. dedpperoos oo (fee m. 2 F) BFb.

oneq £3es Seifor] comp. P, om. b, 07 :~ B. 17. dilag)
om. BFVb, ¢if' mg. F 18, demtsoy — 19. nleved] om. P,
mg. V. 20. Zoro yae BFb. 22, avpuergos: xel -ysyovnm;
om. PV, m. 2 F. 25. adrois] om. Fb m. 2 B.  of] (prius
e corr. V. medtoi] supra scr. m. 1 F
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aAdrdovs elelv. Aéyw mpwrov, 6te 6 H odx f6Ti povdg.
& yag dvvardv, 61w povdg. xal émel éoriv dg n A
nog Ty B, otrwg 6 EZ meds rov H, xal og foa
10 dnd tig A mEodg TO amd tg B, olrwg 6 dwd Tov
EZ =mpog tov amd tov H. duwdaciov 0} 1o amd tijs
A 1oV dnd g B dimddeiog dea xal b and tov EZ
tov amd vod H. xel éovt mwovag 6 H- dvag dpa &
ano EZ rergdymvog® Omsp éotly advvarov. ovx &pu
povig dotiv &6 H' agubudg dpa. xal émel éotiv ddg
70 dnd thg A medg vo aml vijg B, otrwg 6 dno EZ
ngos TOv amd tov H, xal avdmalw ag 6 dmo tijg
B mpds o amd g A, ovrwmg 6 axd tov H mos tov
and tot EZ, pevosi 08 10 and i B ©o amd g A,
pergel Goe xal 6 dmo tov H teraywvog Tov amd Tov
EZ' ®ote xal % mAevpe alry 0 H tov EZ pereei.
perpel 0 xal favrov 6 H 6 H éga tovg EZ, H
pergel mowrovg Svtag medg aAdjlovg” Omeg édoviv
ddvvarov. odx &pa cvppereds domiv § A T B urxe
acvpusToog oo éotiv: Omsp £dsu dstbar.

28.
Zyoiiow.

Edgnuévaoy 0y tov mwixe devuuitpay eodedv,
og tov A, B, svploxsrar xal dAda wAsiota peyedn éx
dvo draoracewy, Aéyw 01 énineda, aovpusron dAijiog.
éav pap thv 4, B e08uby péony dvdloyov AdPousy
vqv T, éotow dg 9 A mpog Ty B, olrwg 10 dmo Tijs

28. Post. nr. 27 PBFVb.

1. ¢lof PVb, comp. F. ot medzov b. 3.0l 7 F
oy} iy Fb. 4.2} 6 P.  1d] 1év P.  1od] zijg PV.
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7 1 Ef . mon esse. nam si fieri potest, sit
5 HI unitas. et quoniam est 4:B=EZ:H,
4 ZJ- erit etiam 4%:B% = EZ3?: H?® [VI, 20
! coroll.; VIII, 11]. uerum 4% = 2 B*
[I, 47]. itaque etiam EZ?=2 H% et
- H unitas est. itaque numerus qua-
dratus E£Z*® binas est; quod fieri non potest. quare
H unitas non est; ergo numerus est. et quoniam est
A% B*= EZ?: H?, et e contrario [V, 7 coroll]
B}: 42 = H*: EZ? et B® metitur 4% etiam H® metitur
EZ: quare etiam latus ipsum H numerum EZ me-
titur. uerum H etiam se ipsum metitur., itaque H
pumeros EZ, H metitur inter se primos; quod fieri
non potest. quare 4, B longitudine commensurabiles
non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

28.
Scholium.

Lnuentis igitur rectis longitudine incommensura-
bilibus, uelut 4, B, etiam plurimae alise magnitudines
duarum dimensionum, scilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas 4, B
mediam proportionalem sumpserimus I, erit ut 4: B,
ita figura plana in 4 descripta ad figuram in I' si-

8. dinlaosiov P. 1. 6 and] oty & Fb, dorv 6 ano tod B.

10. 76] (prius) supra m. 1 V. d=nd] (tert.) om. BFb. 11
eno t0v] om. BFb,  18. zé] (alt.) corr. ex 76 m. 1 F. 14,
6] 76 F. 16, avtijs B. 18. 7 4] e corr. V. 19. doziv
om. BFb. Gxsp £02¢ 3sifar] comp. P, om. BFb. 20, gzélioy
om. FVb (in fig. o’ F), exa” B.  22. evoloxovrar B (corr.
m, 2) Fb,  28. &j) 8y 6n F.  dnimedov F.  odpperox B,
sed corr. 24, e9@zov] om, BF.
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A énimedov medg td dmd viig I' 6 Suoov xal dpolng
avaygapiusvoy, &lre teTpayove &l & dvaygagpoueva
slrs frega evdvpgappa Opota &lve xvxdor megl dia-
uérgovg tag A, I', émeimsp of xvxdor medg dAiiiovg
sloly ag ta dnd tov Siepdroav Terpdyave. svERVTAL
doa xal Zmimsda ywele dovuperpn dAAqAoig”  Omep
£d& deibou.

dedayppdvoy 07 xol 16y éx Vo diadracewy dia-
PogwY dovuuitony yoplny dslfousy Tolg dmd Tig THY
otepedv Dewplag, g fotL xal crEQed GVppeTod TE xed
aovppstoe alljlos. éav yap éml tov and tdv A4, B
retpaydvay 1) 1@y ldoy avtoly s0dvydpupay dvacTr)-
oopey (oot otepea magaldnismimsda 1 mveauidag
7 molopaze, Eotal ta avacradévia mpog aAinia og af
Paoeg. xal & udv ovppergol elow af Baceg, ovu-
uerou E6tar xal ta Oreged, & 0% devpueTor, aovu-
uetge. OmeQ &0ee Osltou.

A& uny xal dvo xUxdov Sviev tov A4, B fav
axt’ avriv (Govyels xmwvovg 17 xvAivdgovs avaypdpousy,
éoovrar meog adijovg @g af faceg, rovréetiv wg of
A, B wvxdot. =xal & piv ovppcrgol &l of xvxlot,
ovupetgor Eoovtar xal of te xdvor medg addrjlovg xel

1. énimedov) eidog BFb. tii¢] om. P.  xad] te nai V.

2. dvayeyoappevoy BF, mg.b.  dvayeyoauuéve BFD.  3.eire]
(prius) efte xal P. 4. éwel yao, supra scr. zeo m. 1 F. Mg. padijey
tovto év td B’ tov 1f’ v voig oregeois m. rec. B. 6. o=z
£051 du‘ém] :~ BFb, et P, sed supra scr. m. 1 comp. 8.
ez’ B. 9. yuolwy dovppétemy B.  tois] #» toig Vb, 11.
and tav] om. F.  12. avaorijco V, deinde supra scr. adroip
m. 1. 13. loovys] {- inras. m. 1 B.  loovyy} oregea mapal-
inlemimeda] mg. V, in textu del. loovyn yoapuas 7 mepadlni-
eninedo, magedlnloenineda F, nagallnla éxinede b. 7} e
corr. F; olov, supra scr. 4 m. 1 b, 14. og] postea ins. m.
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milem et similiter descriptam [VI, 19 coroll.], siue
quadrata sunt figurae descriptae siue aliae rectilineae
4 r B similes siune circuli circum diametros 4, I,
T T quoniam circuli eam inter se rationem habent,
l quam quadrata diametrorum [XII, 2]. ergo
T etiam plana spatia inter se incommensu-
| - rabilia inuenta sunt; quod erat demon-
strandum.
Inuentis jam spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
surabilia. si enim in quadratis rectarum 4, B uel
figuris rectilineis iis aequalibus solida construxerimus
efusdem altitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32. XII, 5; 6). et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia [prop.
XI]; quod erat demonstrandum.
praeterea si 4, B duo circuli sunt, si in iis conos
uel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc est quam
circuli 4, B [XI], 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V. 16. dovpuereol slow af fageig V.  17. Omeg #der Seikar]
om. BFb, 18. oxy’ B. xvxdov] in ras. V, 20. og
om. P, m. 2 V. Post alt. &g ras. 3 litt. V. 21. slow
elev V. 22. xal/] om. B. z¢] om. b, npog aililovs
¢linlog BFD,
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of xvAwdgoi, & 0& aevpuergol elowy of xvxdol, dovu-

pergor Eoovrar xeal of xdvor xal of xvAwdgor. xal

pavepdy quiv yépovev, Srr oV udvov éml peapudy

xal dmpaveidy Zot. cvupctele s xal dovpuerple,
6 dAle xal énl tdv orspedv GynudTOY.

1. 861 & F.  elow] elev b. 8. yéyove V. 8u] &’ 3

PV. inl] inl s P. 4. xal] § P. douy oopperoa P.

aotpperee P. Mg, yo. o¥pperoa nal dovpperoa m. 1 b, 6.
otsgeay] frégmy



APPENDIX, - 417

erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euoclides, edd. Heiberg et Menge. III. 27



