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PRAEFATIO.

Prodit iam, uti dixeram in wol. I p. XXII, quartum
Elementorum uolumen ante tertium, id quod hoc ad-
tulit incommodum, quod propositiones quaedam libri X
non iis numeris citandae erant, quibus in editionibus
uulgatis feruntur, sed iis, quibus in hac editione cum
codicibus significabuntur. sed hoc incommodum edito
tertio uolumine sublatum erit, et nunc quoque propo-
sitiones illae facile reperientur addlta ad numerum a
me citatum unitate.

In hoc uolumine praeter codices solitocs PBF V*)
(u. wol. I p. VIII—IX) his subsidiis usus sum:

b — cod. Bononiensi, de quo u. nol. I p. IX; extremam
partem libri XI et totum librum XII in append. IT
recepi, sicut in codice legitur; cfr. p. 385 not.

q — cod. Parisino 2344, de quo u. uol. II p. V. usur-
patus est ab initio hbn XII, quia in XTI, 3 p. 154,
7 deficit F.

*) Hoc loco additamenta quaedam cod. B subiungam,
uibus in adparatu locus non fuit. XI, 4 enim p. 14, 1 supra
ansalntpﬂmaav add. 1atp,naﬁmaow m. rec. XI, 10 p. 30 2 supra
qua add. nroz naoallnloc tais dvely Evﬂuouc Toig omtop,svoug
aunlaw m, rec, XII, 12 p. 208, 9 in mg. add. pro scholio d097
yao &xatrége avrdv m. 1.



VI PRAEFATIO.

L — cod. palimpsesto Londinensi Musei Brita
Add. 17211, qui praeter partes quasdam lit
etiam XIII, 14 continet ab initio p. 296, :
uocabulum ey p. 300, 4. de hoc codice p.
bus egi et seripturam plenam edidi in Philc
uol. XLIV p. 353 —366.

Praeuideram fore, ut inter hoc uolumen et p
satis magnum temporis spatium intercederet; sed m:
etiam euenit, quam putauveram, quia interim nou
munus scholasticum suscepi et praeterea alio of
ad usum scholarum destinato occupatus fui. sed fir
iam hoe labore et primis difficultatibus noui off
superatis spero, me breui hoc opus dinturnum
finem perducturum esse, praesertim cum materiam re
quorum uoluminum jiam omnem fere collectam habea

Scr. Hauniae mense Iunio MDCCCLXXXY.
I. L. Heiberg.
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Euclides, edd. Heiberg et Menge. IV,



VI PRAEFATIO.

L — cod. palimpsesto Londinensi Musei Britannici
Add. 17211, qui praeter partes quasdam libri X
etiam XIIT, 14 continet ab initio p. 296, 3 ad
uocabulum Zgn p. 300, 4. de hoc codice pluri-
bus egi et seripturam plenam edidi in Philologi
uol. XLIV p. 353 —366.

Praeuideram fore, ut inter hoc uolumen et prius
satis magnumn temporis spatium intercederet; sed maius
etiam euenit, quam putaueram, quia interim nouum
munus scholasticum suscepi et praeterea alio opere
ad usum scholarum destinato occupatus fui. sed finito
iam hoc labore et primis difficultatibus noui officii
superatis spero, me breui hoc opus diuturnum ad
finem perducturum esse, praesertim cum materiam reli-
quorum uoluminum iam omnem fere collectam habeam.

Ser. Hauniae mense Iunio MDCCCLXXXY.
1. L. Heiberg.
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115, 2.
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Definitiones.

" Solidum est, quod longitudinem et latitudinem
dtitadinem habet.

% Terminus autem solidi superficies est.

+ Recta ad planum perpendicularis est, ubi ad
zes rectas eam tangentes et in plano illo ductas
ws angulos efficit.

{ Planum ad planum perpendiculare est, ubi rectae
:mmunem sectionem planorum perpendiculares in
stro planorum ductae ad alterum planum perpen-
ilares sunt.

2 Rectae ad planum inclinatio est, ubi ab eleuato
mino rectae ad planum perpendicularis ducitur, et
puneto ita orto ad terminum rectae in plano po-
m recta ducitur, angulus a recta ita ducta et ab
ita comprehensus.

f Plani ad planum inclinatio est angulus acutus
aprehensus a rectis in utroque plano ad idem punctum
rendicularibus ad communem sectionem ductis.

it yo. omonetpéve; F mg. m. 1: yo. &v td adrd. mowel F, et
o, m. 2. 9. weos — 10. émimédwr] mg. m. 1V. 10, z6]
11 V, xaf supra scr. m. 2 F. 12, £98elug) -as post ins. m.
o eb8slag — 17. épsardong] m. 2 B, om. Fb, 15, énl 0]
ir6 109 B (sed corr.), in ras. V, m, rec. P. , wéoag] P, xwéga-
:B (sed corr), e corr. V, m. rec. P. 19 oksie] om. V (ras.
'3litt).  20. Post vous spatium 4 litt. relinquitur in F.

v tmmédov] corr. ex tijg mmédov m. 1 b.
1*
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X1

Definitiones.

1. Solidum est, quod longitudinem et latitudinem
et altitudinem habet.

2, Terminus autem solidi superficies est.

3. Recta ad planum perpendicularis est, ubi ad
omnes rectas eam tangentes et in plano illo ductas
rectos angulos efficit.

4. Planum ad planum perpendiculare est, ubi rectae
ad communem sectionem planorum perpendiculares in
alterutro planorum ductae ad alterum planum perpen-
diculares sunt.

5. Rectae ad planum inclinatio est, ubi ab eleuato
termino rectae ad planum perpendicularis ducitur, et
ab puncto ita orto ad terminum rectae in plano po-
situm recta ducitur, angulus a recta ita ducta et ab
erecta comprehensus.

6. Plani ad planum inclinatio est angulus acutus
comprehensus a rectis in utroque plano ad idem punctum
perpendicularibus ad communem sectionem ductis.

m. 1: yo. vmorecpéveo; F mg. m. 1: yo. &v ti adrd. moeel F, et
P, corr. m. 2. 9. wgos — 10. émmédov] mg. m. 1 V.  10. v}
%ol v V, nal supra ser. m. 2 F. 12, #98slag] -ag post ins, m.
1P,  ed@elag — 17, épsordons] m. 2 B, om. Fb.  15. éxl 6]
P, dxd rov B (sed corr.), in ras. V, m, rec. P.  wégag] P, wéoa-
tos B (sed corr.), e corr. V, m. rec. P.  19. ¢si] om. V (ras.
est 3 litt.).  20. Post ropj spatium 4 litt. relinquitur in F.
téy émmédwv] corr. ex tijg émmédov m. 1 b.
1*
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8. Hero def. 115, 2. 9. ib, 118, 2. 11. ib. 24,
12. ib. 100. 14. ib. 77. 11—16. Psellus p. 49—50.
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ELEMENTORUM LIBER XI. 5

7. Planum ad planum similiter inclinatum dicitur
atque aliud planum ad aliud, ubi anguli inclinationum,
quos definiuimus, aequales sunt inter se.

8. Parallela plana sunt, quae non concurrunt.

9. Similes figurae solidae sunt, quae planis simi-
libus continentur numero aequalibus. -

10. Aequales autem et similes figurae solidae sunt,
quae planis similibus continentur et numero et magni-
tudine aequalibus.

11. Solidus angulus est amplius quam duarum
rectarum inter se tangentium nec in eadem superficie
positarum ad ommes rectas inclinatio.') Aliter. Soli-
dus angulus est, qui amplius quam duobus angulis
planis continetur non in eodem plano positis et ad
unum punctum coniunctis.

12. Pyramis est figura solida planis comprehensa,
quae ab uno plano ad unum punctum componitur.

13. Prisma est figura solida planis comprehensa,
quorum duo opposita et aequalia et similia sunt, re-
liqua autem parallelogramma.

14. Sphaera est figura comprehensa, ubi manente
diametro semicireuli semicirculus circumactus rursus
ad eundem locum restituitur, unde ferri coeptus est.

15. Axis -autem sphaerae est recta manens, circum
quam semicirculus circumagitur.

16. Centrum autem sphaerae idem est ac semicirculi.

1) Haec definitio, quae loguendi genere ab Euclide ab-
horret, fortasse ex Elementis antiquioribus ab eo desumpta est.

PFYVo. 18. fmnédav” yowiéy' F, émnéidwv yondy B.
15. Ante év{ del. ev F.  17. gvvecrdg Bb; in P non liquet.
18. doe/v PF. 19, dv] om. 9.  20. douw F. 22, 70 njms-
uwxlior] mg. m. 1 b, = 26. dozév F.
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ELEMENTORUM LIBER XL 15)

7. Planum ad planum similiter inclinatum dicitur
atque aliud planum ad aliud, ubi anguli inclinationum,
quos definiuimus, aequales sunt inter se.

8. Parallela plana sunt, quae non concurrunt.

9. Similes figurae solidae sunt, quae planis simi-
libus continentur numero aequalibus, -

10. Aequales autem et similes figurae solidae sunt,
quae planis similibus continentur et numero et magni-
tudine aequalibus.

11. Solidus angulus est amplius quam duarum
rectarum inter se tangentium nec in eadem superficie
positarum ad omnes rectas inclinatio.!) Aliter. Soli-
dus angulus est, qui amplius quam duobus angulis
planis continetur non in eodem plano positis et ad
unum punctum coniunctis.

12. Pyramis est figura solida planis comprehensa,
quae ab uno plano ad unum punctum componitur.

13. Prisma est figura solida planis comprehensa,
quorum duo opposita et aequalia et similia sunt, re-
liqua autem parallelogramma.

14. Sphaera est figura comprehensa, ubi manente
diametro semicirculi semicirculus circumactus rursus
ad eundem locum restituitur, unde ferri coeptus est.

15. Axis autem sphaerae est recta manens, circum
quam semicirculus circumagitur.

16. Centrum autem sphaerae idem est ac semicirculi.

1) Haec definitio, quae logquendi genere ab Euclide ab-
horret, fortasse ex Elementis antiquioribus ab eo desumpta est.

PFYob. 18. ¢mnédov” yoviéy' F, émnidwv yowmdy B.
15. Ante év¢ del. ¢ F.  17. ovvecrds Bb; in P non liguet.
18. foziv PF. 19, év) om. .  20. dorv F. 22, w0 nu-
uondiov] mg. m. 1 b. = 26. doziy F.
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18. Hero def. 84, 2. 21—23. ib. 96. 18—23. Psellus
p. 50.
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18. Hero def. 84, 2. 21—23. ib. 96. 18—23. Psellw:
p. 60.

1. opalpag] ¢- supra ser. m. 1 P, 3. ré%om. b, uéee g,
4. tot- inras. m. 1 B. 5. wdeveds meds V.  wdv] corr. ex
wob m. 1 b, dedny] om. Vb, -v euan. F.  yarlr 9. 8. 73]



ELEMENTORUM LIBER XI. 1

17. Diametrus autem sphaerae est recta aliqua per
centrum ducta et ad utramque partem superficie
sphaerae terminata.

18. Conus est figura comprehensa, ubi manente
alterutro latere trianguli rectanguli eorum, quae rectum
angulum comprehendunt, triangulus circumactus rursus
ad eundem locum restituitur, unde ferri coeptus est.
et si recta manens aequalis est reliquae ad angulum
rectum positae, quae circumagitur, conus rectangulus
erit, sin minor est, obtusiangulus, sin maior, acuti-
angulus.

19. Axis autem coni recta est manens, circum
quam triangulus circumagitur.

20. Basis autem circulus est, qui a recta circum-
acta describitur.

21. Cylindrus est figura comprehensa, ubi alterutro
laterum parallelogrammi rectanguli rectum angulum
comprehendentium manente parallelogrammum circum-
actum rursus ad eundem locum restituitur, unde ferri
coeptum est.

22. Axis autem cylindri recta est manens, circum
quam parallelogrammum circumagitur.

23. Bases autem circuli sunt, qui a duobus late-
ribus inter se oppositis in circumagendo describuntur.

24. Similes coni et cylindri sunt, quorum axes et
basium diametri proportionales sunt.

m. rec. P, om. Vb, 9. Post dedv add. yovioey Psellus et

P, sed punctls del. 10. ayﬁvywwog @. 12. §¢] supra scr. m.

1’V gobeia] om. V. 16, 8¢ dorwv V. 18, yoview] om.

B. 23. fdog Vb, anevavriov b. 26. avaloyor Vb,
ooy ¥, &loe Vb,
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Ed8slag yoauuis uépos uév i ovx forey év
T6 Umoxsiudve éminédp, ufoog 0F Ti év perem-
eoTiQa.

Ei yap OSvvardy, e0dslag yoapuis tig ABI ué-
005 pév Tt 16 AB forw v vd vmoxapdve émnédw,
uégog 0¢ v v6 BI év peremgorop.

"Eover 01 tis v AB ovveyne e09:sia én’ e0elog
v 16 Omoxeuive dmmédp. Eotw B BA - dvo dow
e0dady tov ABI, ABA xowdv tudjud éotwv % AB-
Omeg dotlv ddvvarov, émadixeg éav xéviop vd B xal
diaoripar. tp AB wixdov peayeousv, af didusroor
avidovg amolijovrar Tov xUxlov meQupepelug.

Ebdelag Goo yooauuis pégog uév t ovx ot év

25. Hero def. 104. 26. ib. 102. 27. ib. 101.
28. ib. 108. 256—28. Psellus p. 50—51.

2. Post lowy eras. xal loomlevowy V. Def. 27—28 hoc
ordine habent P et Psellus; permutaunit Theon (BFVb).
5. oyijue ateesov] 16V, et b, sed mg. m. 1: yo. oyijuc 6reoedy.
ewoo] *x F. 7. éonv F. dmdsna] in ras. VF 8. -ya-
vloy supra ras. m. 1 V. 10. edonpe o' V., 12. 1 év]
v év zp BF.  pereden b, mg. m. 1: 'yQ dv t@ petemgotiom.
16. év] év o F. 18. é&oo] 87 B, supra scr. m. 1.
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25. Cubus est figura solida sex quadratis aequa-
libus comprehensa.

26. Octaédrum est figura solida octo triangulis
aequalibus et aequilateris comprehensa.

217. Teosaédrum est figura solida uiginti triangulis
aequalibus et aequilateris comprehensa.

28. Dodecaédrum est figura solida duodecim pen-
tagonis aequalibus et aequilateris et aequiangulis com-
prehensa.

I

Fieri non potest, ut rectae lineae pars sit in plano
subiacenti, pars autem in eleuatiore.

Nam si fieri potest, rectae lineae 4BI" pars 4B

r sit in plano subiacenti, pars autem BI'
' in eleuatiore.

erit igitur in plano subiacenti recta
aliqua- rectam 4B in directum continuans.
sit B 4. itaque duarum rectaram ABT,
AB A pars communis est 4B; quod fieri
non potest, quia, si centro B, radio autem
AB circulam descripserimus, diametri [4BI', 4 BA]
inaequales arcus circuli abscindent.?)

Ergo fieri non potest, ut rectae lineae pars sit in

1) Eos scilicet, qui inter puncta 4, I’ et inter 4, 4 positi
sunt. tum cfr. I def. 17.

19. d0dscdy evdeaidy Theon (BFVh). 4B] Binras. m.1B.
7] inras. V, 6 b. 20.douvjom.V, Imedimep — 22. mei-
‘peoeleg] P (ddv m. 1 ex & corr); sofeie yao e08ely 0d gvp-
Bddre nota wielova anpsic 7 ned’ Ev: &l 0% pij, puouddovay
@Al of e99eiae Theon? (BF Vb); idem mg. m. rec. P, add.
obtag v &lloig evenron, Emeite 6" sddelog coo yoopuis.
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TG Umoxspéve dmmédo, 1o 0 v perewoordom® Gmep
&0er Oettau.
g

‘Eav 0v0 evdeiar téupvadiy aliijlag, év §vi
elowy éminédp, xal ndv volyovor év évi éoTev
émiméd o.

dvYo yop evdslow af AB, I'd tepvérocay aliqieg
xere ©0 E onuelov: Aéyw, ot of AB, I'd & évi
slow émnédp, xel iy Toiyovov év évl oty émnidom.

Eiligpdeo yeo énl tév EI, EB rvyovia enueic
tre Z, H, xol énelevydooay ol I'B, ZH, xal dujydo-
cav of 20, HK" iéyw mpdtov, 6t v0 EI'B toi-
yovov &v fvi éonw dmmédw. & pop éovi tov EI'B
Touydvov pégog fror 10 ZOI 7 ©v0 HBK 2v vg vmo-
xeipéve [mméde], vo 0t Aowmov év &Alp, éovar xel
s vov EI', EB ebdedv pégos uev t év t Vmo-
xepéve mnédo, 1o 0 v &GAlp. & 0% tov EI'B
rouyavov 6 ZI'BH pégog 1 &v tg Umoxeipdve émi-
nédp, to 0% Aoumov &v GAdp, dovar xal augoripmy THV
ET, EB s0dadv péoog uév v v vg vmoxeipsve ém-
nédw, to 0t év &AAp' Omep Gromov &0elydn. 0 doa
ETrB toiyovov év évi dovv dmmédp. év ¢ 0¢ dov
0 EI'B rolyovov, v tovte xal éxevépe vév ET,
EB, év ¢ 8% éxarépa tov EI'y, EB, év tovre xel of
AB, IT'4. of AB, I'4 &ga evdsiow v évi elowy émi-
nédp, ol wiv volyovov év évi éovwv émimédp: Gmeg
&0 Ocitou.

1. 76 8€] Pb, péeos 8¢ v« BFV. ] dv g F. 7, of]
om. F. 10. ET, EB] in ras. V. 11. TB] corr. in BI' V,
12. ET'B] litt. B in ras. m. 1 P; EBI'B. 14. ZI'® P.

v — 15. dllp) om. b, mg. m. 1 V. 15. émnédm] om. P,
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plano subiacenti, pars autem in eleuatiore; quod erat
demonstrandum.

IL

Si duae rectae inter se secant, in eodem plano
sunt, et omnis triangulus in eodem plano est.

Nam duae rectae 4B, I'd inter se secent in
puncto E. dico, rectas 4B, I'd in eodem plano
esse, et omnem triangulum in eodem plano esse.

sumantur enim in EI, EB quaelibet puncta Z,
H, et ducantur I'B, ZH et eas secantes Z6O, HK.
dico primum, triangulum EI'B in eodem plano esse.

nam si pars trianguli EI'B uel Z@I'
4 4 el HBK in subiacenti est, reliquum

/%  autem in alio, etiam rectarum EI’, EB

H  pars in plano subiacenti, pars autem in
alio erit. sin trianguli EI'B pars, quae
est ZI'BH, in plano subiacenti est, re-
liquum autem in alio, etiam utriusque rectae EI,
EB pars in subiacenti plano erit, pars autem in alio;
quod demonstranimus absurdum esse [prop. I]. ergo
triangulus EI'B in eodem plano est. in quo autem
est triangulus EI'B, in eo est etiam utraque ET,
EB, in quo uero utraque EI'y, EB, in eo etiam 4B,
I'4 sunt [prop. I]. ergo rectae 4B, I'4 in eodem
plano sunt, et omnmis triangulus in eodem plano est;
quod erat demonstrandum.

II. Galen. III. p. 830, .

16. EB] I'B o. 18. 'ZBH V. 7] P, &n BFVD,
{6ty bene August.  19. forau] el &v F.  20. EB, ET'F.
21. eadloe F. 22, ET'B] litt. I'B in ras. V, EB”I" b.
23. Er'B] litt. I'B in ras. V, EB”I” b. 24. EB, ET Vb.

25. svdsic @ (non F). 27. datfas] :~ F.

Z
r X B
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’

7.

‘Edy 0vo émimsdo téuvy &iAAnia, 1 xotvy
aUTBY Topuy 0deld 6Tiv.

4d%0 yag émimeda v AB, BI' tepvérw &Ainia,

b xowvy 0t avrdy toun dotw § AB pgauur Aéye, Ote
1 AB poapun eddeid dovww.

El pag i}, émelevydw dmd tod A émi 0 B év
utv ©¢ AB émnide bl 7 AEB, év 0% vo BI”
dmnido e0Psie ) AZB. forar Oy Ovo sOdedy TV

10 4EB, AZB t¢ avre wépara, xal wepiefover Oniady
gwolov: Smeg &vomov. ovx doa af AEB, AZB evdsial
gloww. Cuolog O dslbousv, Ot o0} &AAn g Amd
T00 A4 énl vo B émievyvvpdvy eV@cia dotan mwAny tig
AB nowijs toutic tév AB, BI' émnédav.

15 ’Eav dpe 0vo énimedo téuvy &Ainle, 1§ xown adrdv
roun eVdsie Eomiy’ §meg &0er dsifou.

8.

Ecv s0®cia 0v0 e0dslotg tepvovoarg aliij-
Aag moog doPdag ‘éml Tijg xowvig Tomuis Eme-

20 67ady, xal 1o 6/ evrdv émiwédp medg dpdag
. 17.72

Ebd¢ia pio tg v EZ 0vo e0deloug taig AB, I'd
Tepvovoas GAAjiag xava ©o E onusiov amo tov E
mpog Opdag épeoratw’ Adym, 0w 7 EZ xal vé dux

25 16v AB, I'd émnédo meog Goddg éotiv.

3. éore V,comp. b. 4. BI'YT4F, reuvérwcov BFVb.,
7.26] ot . 9. ¥orar 81] Foto piv 4 @. 10, megiékovory
PV, et B, sed corr.; I hic legi uix potest. 12. 84)] 8¢ Pb.
098’ Vb, 18. Zou. F, 16. fotv ) 4B F. 18. édy
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IIL

Si duo plana inter se secant, communis eorum
sectio recta est.

Nam duo plana 4B, BI inter se secent, et com-
munis eorum sectio sit linea 4 B. dico, lineam 4B
rectam esse.

nam si minus, ab 4 ad B in plano 4B ducatur
recta 4EB, in plano autem BI” recta 4ZB. itaque
duarum rectaram JEB, A4ZB iidem
termini erunt, et ita spatium compre-
hendent; quod absurdum est. quare 4 EB,
AZB rectae non sunt. similiter demon-
strabimus, ne aliam quidem ullam a 4
ad B ductam rectam esse praeter 4B
. communem sectionem planorum 4B, BT

Ergo si duo plana inter se secant, communis eorum
sectio recta est; quod erat demonstrandum.

IV.
Si recta ad duas rectas inter se secantes in com-
z muni sectione perpendicularis
- erecta erit, etiam ad planum
A r earum perpendicularis erit.
H C Nam recta EZ ad duas
B rectas 4B, I'4 inter se In

4

puncto E secantes ab E per-
pendicularis erecta sit. dico, EZ etiam ad planum
rectaram 4B, I'4 perpendicularem esse.

— 19, dgddg] in ras. V. 20. avroy F, sed corr. 22. &0-
Pelag Tag b.~  28. zspvovoag b.  25. 7wv] zijg b, corr. m, 1.
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Aneidjpdwcey yee of AE, EB, TE, EA oo
aldjdoig, el dujyde wg Owx Tov E, wg frvysv, 7
HE®, xal émslevydweav of AA, I'B, xal &re dmd
Tvydvrog tov Z émstevydwoav of ZA, ZH, Z A4, ZT,
20, ZB. xol ingl 0vo of AE, EA dvol vaig T'E,
EB ioow &lol xal poviag icag megiéyovoiy, fdoig doe
n A4 Bdoe v5j I'B lon Zetiv, xal 10 AE A tolyovor
1@ I'EB toipeve leov éovar dore xal yovie 7 vmd
AAE yovie tfj vno EBI ien [fotiv]). &6t 6% xal
n w0 AEH povie tfj no BE® ioy. 0vo d7 voi-
yove ot @« AHE, BE® zag 0vo yavieg dvel yo-
vioug loag Egovre éxardpav ixorége xal wlev mieveav
mé mieved lomy iy meog raig iGatg yovieg 1y AE
tij EB' xal vag Aowmweg Gpe mhevgas taig Aoumwels
mwhevpais iGag EEovow. lon dea 1 uiv HE f EO,
% 08 AH 77} BO®. xai émel’ oy éotiv y AE tfj EB,
xowvy 0% xal mweog dodas B ZE, facig doe 7 ZA
pace. vi; ZB doriv lon. O T avre Oy wel ) ZIT
tf] Z4 éorw lon. xal émsl lon éotiv ) A4 =y I'B,
Zove 0% xal § ZA tjj ZB ion, 0¥o O of ZA, AA
dvel taig ZB, BI' low slolv éxavépe Exavéoa xal
Pacis 7 ZA Baees v ZI' elyd Loy »el povia dou
n Um0 ZAd povie v Omd ZBI ioy éeriv. xal
imel modww 20elydn vy AH ©fj BO lon, dila pqv xal
n.24 <fj ZB lan, dvo 0y aof ZA, AH dvel tuig
ZB, BO idar elotv. nel yovie % vnd ZAH dsl-
19 oy i vmo ZBO- fdaig dea n ZH fdos i

3. HEO]EO®F, et Vm. 1, corr. m.2; Eeras. B. aof —4.
émetevydwoow] postea ins. m. 1P. 5. EJ] corr. ex EB m. 2 F.

6. meguégover FVb., 7. BI'F.  lotlyv] comp. Fb, eloty
V. 8 té) corr. ex té m, 1 F.  zoiydve] om, BFVbD.



ELEMENTORUM LIBER XI. - 15

abscindantur enim A4E, EB, I'E, EA inter se
aequales, et per E quaelibet recta HE® ducatur, et
ducantur 4.4, I'B, et praeterea a quolibet puncto Z
ducantur ZA4, ZH, Z4, ZI', Z®, ZB. et quoniam
duae rectae AE, EA duabus I'E, EB aequales sunt
et aequales angulos comprehendunt [I, 15), basis A4 4
basi I'B aequalis est, et triangulus 4E4 triangulo
TEB aequalis (I, 4]. quare etiam [ 44 E = EBI"
[id]. uverum etiam [ 4EH = BE® [I, 15). itaque
duo trianguli sunt / HE, BE® duos angulos duobus
angulis alterum alteri aequalem habentes et unum
latus uni lateri aequale, quod ad angulos aequales
positum est, 4E = EB. itaque etiam reliqua latera
reliquis lateribus aequalia habebunt [I, 26]. quare
HE = E®, AH = BO. et quoniam AE == EB, et
ZE communis est et perpendicularis, erit Z4 = ZB
(I, 4]. eadem de causa erit etiam ZI'=Z4. et
quoniam A4 =IB et ZA = ZB, duo latera Z A4,
44 duobus lateribus ZB, BI alterum alteri aequalia
sunt; et demonstratum est, esse Z4 = ZI'. erit igitur
etiam | ZA4 = ZBTI (I, 8]. et quoniam rursus de-
monstratum est, esse 4H — BO, et est Z4A =78,
duo latera Z A4, AH duobus ZB, B® aequalia sunt;
et demonstratum est, esse | ZAH = ZB6. itaque
ZH= 170 [1, 4]. et quoniam rursus demonstratum

9. {oriy] om. P. 11. 46t1] #lor FV. 12. #yovrag o.

13. v} za? V.  vdg lowg Vb. yovieg be. 14. 7fj] supra
r. m.1b. 17. ZA] A in ras. B.  20. 6z B. ~A.42 Ae
cor. V., 23. %] m.2F. Ante ZAA eras. tav F. orlv}
tomp. b, ezl P. 25 ZA4] (alt) 4 ecorr. m. 1 F. 26. sloty
comp. ¥, elor Vb. ZAH] corr. exZABm. 1b. 27.ZB@]
Becorr. m.1 P, éeal om. V. ZH] H'Z' b
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Z0O dotw ion. nel imel mwalw lom idelydn  HE
E®, xowy 0t vy EZ, 8vo 01 «f HE, EZ dvel tals
®E, EZ idaw slelv xal Biog 7 ZH fdce 1] 2O
oy yovia doa 7 vnd HEZ yovie vf vmé @EZ
5 Loy éotiv. Op@% dpo éxatépe twv vmd HEZ, OEZ
yonidv. N ZE &ga mog riy HO tvydvrag dia tov
E éydsicav 099 dovww. buolwg % dslbopev, Sue 4
ZE ol mpog mdoag tag amvoudves avrig evdelag xeld
ovoag v t@ UVmoxsipdve dmmédp Goddg moujos yw-
10 viag. evPele Ot mpog émimedov 099 doriv, OTew
wedg mdoag Tag omToufveg avUTig &svdslag xel ovGag
v 16 atrg émnédp dedag mofj yoviag' 7 ZE dpe
v6 Vmoxaudve dminéde medg deddg derw. To OF vmo-
xelpsvoy émimedov dor to e tov AB, I'd e9ady.
15 9 ZE doa moog 0¢das éote vy e vdv AB, I'd
émiméd .
‘Eav dgo evdeio 0vo evFeluug teuvovdurs ¢idfiag
meog OpPas éml tijs xowijc toufs merady, xel T
0. avtdv émméde mog dpdag Eoron: Gmeg Eder deifon

14

20 &.
‘Eav e0®ele toioiv s0delaig cmropévacg
aAifAev medg dpdag énl vijg xotvijg Tousg éme-
oradfl, al voels evdelar év évi eloww émnédop.
Evdeta peg tic 7 AB voioly evdsiong tais BT,
25 B4, BE mgos bodag énl 7ijg xave: ©o B doijs épe-
otetw’ Aépw, ot ol BI', BA, BE év évi elow éme-
nédo.

,3. eloty] comp. F. 5. domy lon BFV. 6. 7 dud b.
7. ay@eioe Fh.  97] om. F. 8. adrijg] corr. ex avry m,
1 B. 9. @] t¢ aveg F, sed corr. 11. medg] ins. m.
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est, esse HE = E@®, et ZE communis est, duo latera
HE, EZ duobus ®E, EZ aequalia sunt; et ZH = Z@.
itaque L HEZ = @EZ [I, 8]. itaque uterque angulus
HEZ, @EZ rectus est [I def. 10). ergo ZE ad
rectam H® fortuito per E ductam perpendicularis est.
iam eodem modo demonstrabimus, ZE ad omnes rectas
eam tangentes et in plano subiacenti positas rectos
efficere angulos. recta autem ad planum perpendicu-
laris est, ubi ad omnes rectas eam tangentes et in
eodem plano ductas rectos angulos efficit [def. 3].
itaque ZE ad planum subiacens perpendicularis est.
subiacens autem planum id est, quod per rectas 4B,
I'4 ductum est. itaque ZE ad planum rectarum A B,
I'4 perpendicularis est.

Ergo si recta ad duas rectas inter se secantes in
communi sectione perpendicularis erecta erit, etiam ad
planum earum perpendicularis erit; quod erat demon-
strandum.

V.

Si recta ad tres rectas inter se tangentes in com-
muni seetione perpendicularis erecta erit, tres illae
rectae in eodem plano sunt.

Nam recta #B ad tres rectas BI'y B4, BE in
puncto sectionis B perpendicularis erecta sit. dico,
rectas BI'y B4, BE in eodem plano esse.

2 F. @vtijg] corr. ex avej m. 1 B. 12. &v] énl .
avte] om. V. wousi’ P. 13. & 6 B, éotev] comp.
Fb, on P. 14. zav] bis V, sed corr. 15. I'd e98z0v
Vb, 16 dmznédov b. 17, s0@eic dvo &dfelong] f £v39 F,
dvo — 19, dsifoe] nol Ta ££7s B. 17. tepvovoorg — 19,
fotar] wal ta iEng F. 19. éouv Vb, Omeg #3s deitau]
comp. F. 25. {pedrdrm] corr. ex dgedrato m. rec. P.
Euclides, edd. Heiberg et Monge. IV. 2
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My pdo, ¢l & dvvardv, Eetwoav of piv BA,
BE & ©6 tmoxspéve émnédp, 7 08 BI év pereo-
ootépw, xal éuPefiiode vo Oux tdv AB, BI émi-
nedov' wowny 01 Touny moujcer év TE Vmoxeuéve
émnidp edelav. moweltw vy BZ. v évl dga
sloly émnddo t duqyuive e tév AB, BI of vosts
e0Petar of AB, B, BZ. xal éwsl ) AB dpdvj doxe
npog éxavépav tov B4, BE, xal t¢ dwx vév B4, BE
doo émnédo 0pd1] doviv | AB. o 0t da v Bd,
BE inimedov 10 Omoxsluevdv éotw: | AB doa 9o
dorv mwEog TO Umonelusvov Emimedov. dorve xel mwEdg
maGag Tag amvopdvag avrig svdslug xal oveag v TE
Umoxspéve Eminéde SpPas moujos yovies 7 AB.
&ntevow O} adrijc 1 BZ ovea dv ti vmoxeudve éme-
nédw: 9 dga vmwd ABZ yovia ded1 EeTiv. UmoxeiTan
0% nal 7 VUm0 ABI 1" lon doa §) w0 ABZ yo-
vie ) vnd ABI. =zl elow év évl éminédo Omeg
éovly @dvvarov. ovx dpa 7 BI ebdsle &v peremgo-
téoo dotly émiméde: of voels doa cvdstor af BT, BJ,
BE év &vi slow émmédop.

’Eov &g e09ela toioly sudslug anvouévoug aidn-
lov énl vig apiis mwgog dpPag émoredii, el Tosig
eOdslon dv &vl elow émiméde Omeo E0se Oclfa.

5",

‘Ecv dv0 ev8elar td adrd éminédo meog

bo%ag GGy, magpdiinior EGovrar al ev&eial.

1. Bdjecorr.m. 1b. 2. 79 8 — b, ed@siav] mg. m, 1V,
in textu ras. est. 2. peredem V. 8. xal] xal 8’ b. 4. 87]
postea ins, F. 5. xal e68siar b, et B, corr. m. 2; »af (comp.)
me.m 1 F  movjro @. eloly dea b. 7. domv P; forar %,
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ne sint enim, uerum, si fieri potest, B4, BE in
plano subiacenti sint, BI" autem in eleuatiore, et pro-
ducatur planum per 4B, BI'. communem igitur sectio-
nem in plano subiacenti rectam
efficiet [prop. III}. efficiat BZ.
itaque tres rectae 4B, BI', BZ in
eodem plano sunt, quod per 4B,
BI' ducitur. et quoniam 4B ad
utramque B4, B E perpendicularis
est, etiam ad planum rectarum B 4,
BE perpendicularis est 4B [prop. IV]. planum autem
rectarum B4, BE subiacens est; 4B igitur ad pla-
num subiacens perpendicularis est. quare etiam ad om-
nes rectas eam tangentes et in subiacenti plano po-
sitas rectos angulos efficiet 4B [def. 3]. tangit autem
eam BZ in subiacenti plano posita. itaque [ 4BZ
rectus est. supposuimus autem, etiam [ 4 BI" rectum
esse. erit igitur [/ ABZ = ABI. et in eodem plano
sunt; quod fieri non potest. itaque recta BI" in plano
eleuatiore posita non est; itaque tres rectae BI', B4,
BE in eodem plano sunt.

Ergo si recta ad tres rectas inter se tangentes in
puncto tactionis perpendicularis erecta erit, tres illae
rectae in eodem plano sunt; quod erat demonstrandum.

VI

Si duae rectae ad idem planum perpendiculares
sunt, rectae parallelae erunt.

corr. m, 1. 8. Bd](alt.) B in ras. m. 1 B. 9. &ea] prius &
in ras. m, 1 P, 10. 4B] B” A’ F, 12. avrije 13 19. BI"]
corr. ex ABV; 4B supra scr. I’ m. 1 b. 26. oat PVh.

2%
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Advo pag e0dsiar of AB, I'd 16 Umoxsiuéve émi-
nédo mog Oodag feormeav’ Adywm, Ori mapdiinddg
éotwv 9 AB =5} I'4.

Zvpfeliétocey pao Td vmoxaiudve émiméde xave

6 ta B, 4 onusia, xal énsletyd®m % Bd s0dsia, xal
fiydw v B4 mog dpdas v 1 vmoxepbve émiméidp
% AE, nal xelo®w tf; AB long 9§ AE, xal nstevyda-
oav of BE, AE, AA.

Kol émst 3y AB dpd1j d6re mpog o Umoxsiusvov

10 émimedov, xal medg mucag [doe] Tag amrouivag avrig
svdelag xal obeug v TH Vmoxeudve Emimide Opdag
moujose yovleg. dmvevar 0% tig AB éxarége Tov
B4, BE ovex v v vmoxaipéve dmmédep: dod deo
éotlv énorépe vy vwd ABA, ABE yowidy. dix ta

15 avre 01 xol éxevépe ey vnd 4B, I' AE 6981 dotuv.
xal émel lon dorlv ) AB v AE, xown 6t  BA,
0v0 0% of AB, BA dvol tais EA, 4B o slolv-
xel povieg 6pdag megiégovey: fdaig doa 1 A Pdce
t;j BE édovw lon. xal énsl lon fotlv § AB tff AE,

20 ¢Ade xel 7 A4 v BE, 0vo 0 «f AB, BE dvei
taic E4, 44 leow elolv' xal Pdog avtadv xowy %
AE' yovie &go 3 vm6 ABE yovie vjj ond EAA
éotv lom. O@dn 6% 9 Umd ABE' 0997 doa xal 7
vnd EAA 7 EA é&po meos iy AA o) domiv.

26 #ore 0% nal wolg éxavégay t@v BA, AT 3981 % EA
doa touoly evPelug talg BA, 44, AT medg dgdag

1. «f] supram.rec. P. 4. ovpfolérwcer P (cvpmntézwcay
supra scr. m. rec.) et supra ser. 1 V. 5. B4] corr.ex Bm. 2 B,
6.t9) td avto P. 9. 4etly F._ 10. doa] om.P.  12. Ante v
ras. 2litt. V, zigrdv b, 13.odoer F.  16.77 — BJ] mg.m. 1P.

17. zeeig] miro comp. F, ut lin. 21. &f6/ Vb, comp. supra scr. ¢,
18. xee{] comp. supra scr. . megeégove BVb  4.4] corr. ex
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Nam duae rectae 4B, I'4 ad planum subiacens
perpendiculares sint. dico, 4B rectae I'4 paralle-
lam esse.
concurrant enim cam plano sub-

r :l iacenti in punctis B, 4, et duca-
tur recta B4, et ad rectam B4
perpendicularis in plano subiacenti

'l ducatur 4 E, et ponatur

4

AB = AJE,

et ducantur BE, AE, A4.

et quoniam 4B ad planum subiacens perpendicu-
laris est, etiam ad omnes rectas eam tangentes et in
plano subiacenti positas rectos angulos efficiet [def. 3].
uerum utraque B4, BE in plano subiacenti positae
rectam 4B tangunt; itaque uterque angulus 4B,
ABE rectus est. eadem de causa etiam uterque angu-
lus '4B, I'4E rectus est. et quoniam 4B = AE,
et B4 communis est, duo latera 4B, B4 duobus
EAd, 4B aequalia sunt; et aequales angulos compre-
hendunt, itaque 44 == BE [I, 4]. et quoniam 4B
= AdE, et A4 = BE, duo latera 4B, BE duobus
Ed, 44 aequalia sunt; et basis eorum communis
est 4E. itaque /| ABE = EA4A[],8]. uvernm [ A4BE
rectus est; quare etiam [ E4 .4 rectus est. itaque
E A4 ad 4.4 perpendicularis est. sed etiam ad utram-
que B4, AT perpendicularis est. itaque E4 ad tres
rectas B4, 4.4, AT perpendicularis in puncto tactio-

ABm.1b. 19. ion doviv V. 21. elel Vb, comp. F. 28, loy
Zotiy Vb, %] (prius) ins. m.2F. 24.tov E4AP. 25. &ori]
supra scr. comp. m. 1 F. Sequentia usque ad p. 22, 6: ém-
7édp in ras. V.  dpdvj] corr. ex offy m. rec. P,
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éml tig apijs dpéetyxey: of vosig Go evdsior af BA,
A4, AT év &vi siow éimnédp. v ¢ 0t aof 4B,

A4, vttt xal § AB miv pog velpovov v évi
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15

20

26

doviy émmédp' of Ggo AB, BA, AT eodelu év évi
eloww émmédm. xal dorww Opdn Exevépa THY VmO
ABAd, BAT ywviey: magdliniog &oo éotlv 1 AB
wy I'4d.

‘Eév doa 0vo evdelar té avrd mmédp woog 69dag
6w, mugdiinior Esovrar af st Gmep &0 detba.

¢.

‘Ecv 6. 0vo e0felar magddinior, Angdi
0t 9’ éxaripag adrdv rvydvre onpeia, n éml
va onueia Emilevyvvpdvy evdeia v ve el
éminédp 61l vals magaiifiorg.

"Eerweav dv0 e0dslur magpddinior of AB, I'A,
xel elApdo dp’ Exatépus avrdv TURdvra onueic Ta
E, Z* Ayw, o 1 éml ¢ E, Z oqusie émtevyvopévy
svdele v 1d ovre Emiméde dovl tais maguAdijiolg.

My ypde, ail’ & Svvardv, Eotw v uetewEoTipm
g 7 EHZ, xal dujpdw Ot vijc EHZ émimedov: to-
uny 0f moujaes v te Umoxsiufve Emiméde eodelav.
nowsirm ag vy EZ' dvo doa e0dsiar of EHZ, EZ
gwelov meoiéboveww’ Smsg éotly advvavov. odx Goeo %
and 109 E énl vo Z imsvyvvudvy ebdcia dv perio-
gotépe éoriv Zmuméde” v ve Sie vov AB, I'd oo

2 &y & — b émnidw] om. b. 2. 4B, 44) 44, JB P;
Bd, d4, ATF. 6. BJI] Bin ras. V; T'dBP aeaj corr.
ex a m. 2 P. 8. émimédw) om. V. 9. aar Vb. alllasg
al V, 11. dev B. 13 ¢drgp] supra m. 2 B, 17. léyo
— E,Z] mg. m, 1F onueia] om. V. 20. 7] @, «f? F.

Em] o did BF, ©d supra scr. V. 21, émnédp] mg. V.
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nis erecta est; quare tres rectae B4, 44, 4T in
eodem plano sunt [prop. V]. in quo autem plano
sunt 4B, 44, in eodem est etiam 4 B; omnis enim
triangulus in eodem plano est [prop. II]. itaque rectae
AB, Bd, AT in eodem plano sunt. et uterque angulus
ABA, BAT rectus est. itaque 4B rectae I'd par-
allela est [I, 28].

Ergo si duae rectae ad idem planum perpendicu-
lares sunt, rectae parallelae erunt; quod erat demon-
strandum.

VIIL

Si duae rectae parallelae sunt, et in utraque quae-
libet puncta sumuntur, recta puncta coniungens in
eodem plano est, in quo parallelae.

Sint duae rectae parallelae

Ak B AB, I'd, et in utraque quaeli-
" bet puncta sumantur E, Z. dico,

rectam puncta E, Z coniungen-

T > tem in eodem plano esse, in quo

sint rectae parallelae.

ne sit enim, sed, si fieri potest, in eleuatiore sit ut
EHZ, et per EHZ planum ducatur. itaque in plano
subiacenti sectionem efficiet rectam [prop. III). efficiat
EZ. ergo duae rectae EHZ, EZ spatium compre-
hendent; quod fieri non potest. itaque recta E, Z con-
iungens in plano eleuatiore non est. ergo recta E, Z
coniungens in plano parallelarum 4B, I'AS est.

22. o] supra scr. m. 1 B, om. FVb. EHZ] HZ V.
28, ungs'zovcw Vb. ddvvaroy] mg. V. 26. &pa] supra
ser. V.



10

16

20

25

24 I2TOIXEI®N .

nagadijiov dotly dmmédp 1 and voi E énl 5 Z
émibevpvopdvy evdeia.

’Eov dge @61 0vo 0@ sior mapdidnlor, Angdij Ok
dp’ éxaréoag avrdv ruydvre onusle, 1 éml va onusie
émbevpyupdvn ebdeia v 19 alrd immide dotl Tais
negaiiflows Omep &0e deifou.

7.

Eav &6t 000 sd@elar mapdiinior, # 0%
iréoa avrdv émnédo Tivl meog Sodag g, xal
N Aowmy 16 avre émimide meog dodag Eorac

"Eetwéay Ovo &dsiar magaidnior af AB, I'd,
n Ot ivépe avtav 1 AB 16 vmoxspive Emméde
mgog 6pdas éotw* Adpw, Ove xal 7 Aowmwm n I'd 16
avre émmédp meds Oedag Eara.

SvpPardérwoey yep of AB, I'd t6 vmoxeipéve
¢mnédp xova te B, 4 enusie, xel ixslevydo 5 B4
of AB, I'd, BA &g év &vi elov émnédo. #gde
vij BA mdg S98dg év v Vmoxsiudve émnédp § AE,
xal xeloBo ] AB len § AE, xal émstevydooay of
BE, AE, AAd. xal émel 1) AB 6981 Zove mpog To
Dmonsluevoy émimedov, xal medg madag dea tag dmro-
uévag adrijg evdelug xal otions fv ve Vmoxeyuive émi-
nédo mpog Opddg doviv ) AB- dpdy dea [éotiv] éxa-
répa 1y vmd ABA, ABE ypovidv. xal énel &g
nagadijiovs tag AB, I' 4 ebdsle Sunémroxsy % B4,
al dga vm6 ABA, I'dB yovier dvely dpdais lear
sloty. 0gdn Ot 7§ vmd ABA dpdy Goo xel 7 VWO
T'4B: 7 T'4 &ga mpds iy BA 981 éorww. mnal

3. dow PB. 8. dow PB. 78 gtV 9. 1)
om. V. 10, mods dofag fotar t avrd émmédo b. 12, Ante
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Ergo si duae rectae parallelae sunt, et in utra-
que quaelibet puncta sumuntur, recta puncta con-
iungens in eodem plano est, in quo parallelae; quod
erat demonstrandum.

VIIIL

Si duae rectae parallelae sunt, et alterutra ad pla-
num aliquod perpendicularis est, etiam reliqua ad idem
planum perpendicularis erit.

Sint duae rectae parallelae 4B,
I'4, et alterutra earum 4B ad pla-
num subiacens perpendicularis sit.
dico, etiam reliquam I'4 ad idem
B 4 planum perpendicularem fore.

concurrant enim 4B, I'4 cum

plano subiacenti in punctis B, A,

£ et ducatur BA. itaque 4B, I'd,

B4 in eodem plano sunt [prop. VII]. ad B4 in
plano subiacenti perpendicularis ducatur 4E, et po-
natur 4E = AB, et ducantur BE, AE, 4Ad. et
quoniam 4 B ad planum subiacens perpendicularis est,
etiam ad omnes rectas eam tangentes et in plano
subiacenti positas perpendicularis est 4B [def. 3].
rectus igitur uterque angulus 4BJ, ABE et
quoniam in parallelas 4B, I'd recta incidit B4,
anguli /B4, I'4B duobus rectis aequales sunt [I,
29]. uwerum [ 4B A rectus est; quare etiam [ I'4B
rectus est. quare I'd ad B perpendicularis est.

4 I

émimédp m. 1 del. v P. 13, wal 4] F, 8f 9. 17. Td) 4

corr. ex B m. rec. B. 20, AE) JE . domv P.  23. meog

doBdg] pd] BFV. dozlv] (alt) om. P. 25. s0felos V.
26. yoviat] F, yovie .
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énel loy dovlv 9 AB v5j AE, xows 6t 1) B4, dvo
o0y of AB, B.d ovel taic EA, 4B ioat st’atv xal
yovie 3 1';1:(‘ AB A yovie v 1')9:(‘) EAB loy d99
yog énxavépe Pooig dga n AA Pdace. t; BE iey.
xal Zmel lom dotlv  udv AB v AE, 3 0t BE tj
Ad, 8Vo 0y «f AB, BE 0dvei tais EA, 44 loa
eloly éxavéon Exavépe., xal fdoig avrdy xown f) AE:
yovie dge 1 vwd0 ABE yovig vf; vmd EAA éotwy
lon. Opdn 0% % Omo ABE' d99q &oa xal ) Tmd
EdA 3 EA dga mgdg v AA bod1 dorww. Eoue
0t xal mgog wwy AB 693j* % Ed éea xal 10 dia
v BA, 44 émnidp 6081 éotwv. xal meds mddag
doe Tag amvoufveg avtig evdelag xel odows v T
0wx Ty BAA éminédp Opdag mouoes pavies 7 EA.
év 0% v 0w thv BAA émnédo éotlv §) AT, éme-
dnjmeg &v T O vy BA A imnédeo slolv of AB,
B4, iv ¢ 0t of 4B, B4, v vovte #6tl xal i) AT,
% Ed4 &oe ©fj AT moog doddg doviv dere xal ) 4
tfj AE mgog 6pddg doviv. Fov. 0% xal ) I'd tf} BA
modg 0p8dg. 7 I'd dou Vo evdeloug Tepvovoaig Ga-
Ajdeag rais AE, AB and vijg xeve 10 A rouis meog
opdag épéoryxev' dore 1 I'd xel 16 dix 16v AE,
4B imnédp meds Sgdds dotw. 1o OF due vav AE,
4B éninedov ©o Umoxeluevéy Eorww 5 I'd dge ve
vnoxsuéve dmnédp mpds Sedds domuv.

‘Edv &g do. 0¥o evdsiar mapdiinior, 7 6% ula

2. AB] BAb.  elol VD, comp F. 4. dovw lop BVD.

7. énavéee] supra scr. F. ra ger. m. 1 V,
8. E4A] Bd seq. ras. 1 litt. . uwj supra ecr.m. 1 F,
9. ¢ — ABE] in ras. plurium litt. 10. Ad] 44 P.

11. 4B] in ras. V. 12, dom V, comp. Fb. 14 B4 4]
P, 44, 4B B; B4, ABbetmra.s FV. J4EP. 15. Bd,



ELEMENTORUM LIBER XI, A

et quoniam AB = A4E, et B4 communis est, duo
latera 4B, BA duobus E4, 4B aequalia sunt; et
L ABA = EAB (uterque enim rectus est); itaque
A4 = BE (1, 4]. et quoniam 4B = AJE, et BE
=Ad, duo latera 4 B, BE duobus E4, 4.4 aequalia
sunt; et basis eorum communis est 4 E; itaque | 4BE
=EAdA4 [I, 8. uveruam [ ABE rectus est; itaque
etiam [ EAA rectus est; ergo EA ad A4 perpen-
dicularis est. uperum etiam ad 4B perpendicularis est.
E4 igitur etiam ad planum rectarum B4, 4.4 per-
pendicularis est [prop. IV]. quare etiam ad omnes
rectas eam tangentes et in plano rectarum B4, 44
positas rectos angulos efficiet E4. in plano autem
rectarum B4, 4.4 posita est 4I', quoniam 4B, BA
in plano rectarum B4, 4.4 sunt [prop. II], in quo
autem plano sunt 4B, B4, in eodem etiam AI' po-
sita est. itaque E4 ad 4TI perpendicularis est; quare
etiam I'd ad AE perpendicularis est. uerum I'4
etiam ad B4 perpendicularis est. I'A igitur ad duas
rectas inter se secantes JE, 4B in sectione 4 per-
pendicularis erecta est; quare I'J etiam ad planum
rectarum A E, AB perpendicularis est [prop. IV].
uerum planum rectarum 4 E, A4 B subiacens est. ita-
que I'4 ad planum subiacens perpendicularis est.
Ergo si duae rectae parallelae sunt, et alterutra
ad planum aliquod perpendicularis est, etiam reliqua

44 BFb,inres. V.  17.4I) T'db.  18. AT in ras.
m 1 PV. 19. tff — I'd] bis P, corr. m. 1. %el] om.
P. ] #el zf P. Bd] 4B F. 20. dilfiaes b,
corr. m. 1, 21. 4B] in ras. V. 22. 7] xal 7_V.

28. 4B] 4E b. 24. dmoxelgevéy éorev] in ras. V. 26.
acy PB.
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LI 2 1 3 \ v € A -~
avtdy émméde Twl mog dedag N, xel 7 Aomy TH
avtg émnédp meds boddg ovar Omep #er deike.

9.

Al v avtij e08ele magdiindor xal py ov-
ot avrfi v td avrd émmibo xal dlijlecg
elol mapaidnioc.

"Eoto ypog éxavépa vév AB, I'd <y EZ nmogdi-
Andog pi ovGow avry v 16 elrd dmnide: Adym, Sre
nepdiinlog éotww 3 AB vij I'4.

Eliipda pog éxl vijg EZ tvyov enusiov ©o H,
xel an’ avrov vf] EZ év piv v O vév EZ, AB
émnédp medg Ogdag fyde n HO, év 8t t¢ dia todv
ZE,I'4 v} EZ ndlw meds épdas ijyde o HK. xal
énel vy EZ mpdg éxatépoev vov HO, HK o991 éotv,
7 EZ éga nal g O véov HO, HK émnédp moog
dpPds éorw. xal éovwv 7 EZ v AB magaiinlog:
xal § AB &ga tg Sia véy OHK émumédp moodg do-
Pdg éovww. Ok ta avte O xel § I'd vd dix wév
OHK émnédp modg opdag fotww: Exatépe oo vodv
AB, I'd ¢ 0w tdv OHK émnédp moog doPdg
dorev. dav Ot O0Vo evdelar TH avrd émiméde mdg
Spdag @61y, mapdiinlol elow al svdeiar: mapdiinlog
doo dotly ) AB vij 4" omep E0er dsifou.

7;1) doriy P, supra. scr. 9. 2. fotai] dotv BFYV,
6. sloty

7. ydg] y corr. ex = m. rec. B. nagullnloc 4]
EZ V. magalinior B. 9. ATV, 10, Post Toyov ras. 2
litt. V. 12. 7] supra m. 1 P, 18. ZE] in ras. V.

HK] NKF, H poat ins. V. 14. 7] of F. 15. HO) ©
b supra scr. m. 1; litt. H postea ins. m. 1 BF. 16. dotew)
comp, Fb, éoms PV xal — 18. fouv] mg. m. 2 B.

qa] om. P. 19, éxaréoa — 21. fomy] mg. m. 1 in ras.

~
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ad idem planum perpendicularis erit; quod erat de-
monstrandum,

IX.

Quae eidem rectae parallelae sunt, etiam 8iin eodem
plano non sunt, etiam inter se parallelae sunt.
B @ ‘4 Nam utraque 4B, I'd
rectae EZ parallela sit, non
I _H £ positae in eodem plano. dico,
\ AB rectae I'4 parallelam
4 K I esse. :
sumatur enim in EZ quoduis punctum H, et ab
eo ad rectam EZ perpendicularis ducatur in plano EZ,
4B rectarum H®, in plano autem ZE, I'4 rectarum
ad EZ rursus per&endicularis ducatur HK. et quoniam
EZ ad utramque H®, HK perpendicularis est, EZ
etiam ad planum rectarum H®, HK perpendicularis
est [prop. IV]). et EZ rectae .4 B parallela est. ita-
que etiam 4B ad planum rectarum ® H, HK perpen-
dicularis est [prop. VIII]. eadem de causa etiam I' A
ad planum rectarum @®H, HK perpendicularis est;
quare utraque 4B, I'4 ad planum rectarum @ H, HK
perpendicularis est. sin duae rectae ad idem planum
perpendiculares sunt, rectae parallelae sunt [prop. VI].
ergo A4 B rectae I'd parallela est; quod erat demon-
strandum.

P, 19. &oa] supra F. 20. 6] corr. ex zawv P. Heo,
HK m. 2 FV. 22. dor Vb. elow] foovren V.,
23. Gweg #3s Osifar] om. V.
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‘Eev 0vo ¢0@siar anropsvar alijiov naga
dv0 eb0Belag anroudves dAljioy oL uy v Té
avtd émimédo, ldag yoviag negiéEovaoiy.

AYo yag evdeiow af AB, BI anrdpsver Glijiov
mege Ovo &0Pslag 10g AE, EZ amrouéves diijiov
éorwoay un dv ve atrd dmméde” Adyw, Ou lon fotiv
7 w0 ABI yovia tfj vmé AELZ.

Anciijpdwoay yeg of BA, BI'y E4, EZ loo
dAljdarg, xal émefevydmdav of A4, I'Z, BE, AT,
AZ. nol énsl v BA tij EA len éovl nol mogeddn-
Aog, xal ©§ AA éga vij BE lon éovl xal mapdlinios.
de 18 adre Oy xal v I'Z t5j BE loy éorl xal mag-
diinhog* éxatéen dga tiv AA, I'Z zjj BE ien éotl
xel mogddindog. «f O0F vy avri €vdely magddinioc
xal py ovow avt dv TH elrg imméde xel dArflacg
slol magdidndor mepdiinlog doa éovlv ) A4 vy T'Z
xal lon. =xal Zmlsvyvvovew avrag af AT, AZ* xal
7 AT &po ©fj AZ lon éoti nal mapdiinlog. xal émel
0vo of AB, BI dvel talg AE, EZ ioar slolv, xol
paoig 7 A Pdos tfj AZ lon, yovie dga % ©mo
ABT yavig vf) vwo AEZ éovw loy.

Eav dga 0vo e0delow amrducver ¢lrjlov mapd
dvo ebPelng dmropbvag cAiflov dov pi v TH avrd
éminédo, ldag yoviag meoiéfovery: Gmep Eder dsitou.

3. weww PB. 4. ovoar, foag b.  mseiéfover Vb, 5. «f
AB,BI'lom. BFV. BIposteains. m. 1P. 6.af 4B, BI'
noaget BEV. 7. adrg] supra ser. F. 9. BA] in ras. m. 1 P.

EZ] litt. Z e corr. V. 11, Zovév B.  12. domv lon BFD.

14. éxazége — 1. nug&l?.nlogbbis F, sed corr. m. 1; mg.
V. 16 %ol p) — émnédo] om. V. 17, mepdiinloc] supra

ser. m. 1 F.  &ga] supra scr. m, 2 B, 18. xef] (primum)
supra m. 1 V. 19, éortv PB. 20. ¢lo Vb, comp. F.
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X.

Si duae rectae inter se tangentes duabus rectis
inter se tangentibus nou positis in eodem plano par-
allelae sunt, angulos aequales comprehendent.

Nam duae rectae 4B, BI inter se tangentes duabus
rectis inter se tangentibus
A4E, EZ non posifis in
eodem plano parallelaesint.
dico, esse [ ABI'= AEZ.

ponantur enim B.A

\ \
/7z — BI'— EA4 — EZ, et
ducantur 44, I'Z, BE,
4 AT, AZ. et quoniam B A

rectae E 4 aequalis et parallela est, etiam 4 4 rectae
BE aequalis et parallela est [I, 33]. eadem de causa
etiam I'Z rectae BE aequalis et parallela est. itaque
utraque 4 4, I'Z rectae BE aequalis et parallela est.
quae autem eidem rectae parallelae sunt, etiam si in
eodem plano non sunt, etiam inter se parallelae sunt
[prop. IX). itaque A4 rectae I'Z parallela est et
aequalis. et eas iungunt AI', 4Z; quare etiam AT
rectae 4Z aequalis et parallela est [I, 33]. et quoniam
duo latera 4B, BI" duobus 4E, EZ aequales sunt,
et AT = AZ, erit [ ABI = AEZ [I, 8].

Ergo si duae rectae inter se tangentes duabus
rectis inter se tangentibus non positis in eodem plano
parallelae sunt, angulos aequales comprehendent; quod
erat demonstrandum.

22. dmé] om, V. 28. am:oysvou — 26. deifou] nal T s&r;c
V. 4. dov (dow F) neea 8b0 siBelog dnrouévas diliioy
BFb.  dow P.
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‘Ao tov do8évrog enusiov perewpov Emi
t0 008ty émimedov xdderov sV dsiav yoapunv
ayaypeiv.

"Eorw t0 uiv dodiv onusiov peréwmpov td A, To
0 doddv émimedov v0 Umoxeluevov: del 0% dmo Tov
A onuelov éml vo dmoxslpevov émimedov xdaderov &v-
delay yoapuny ayaysiv.

dujgfo peg tig v 16 vnoxapbve dmnéde cvdela,
ag frvyev, 7 BI, xal fjydo0 dnd tov A onusiov éml
v BI xddevog % Ad. & piv odv 3 A4 xaderdg
dore xal éml To Vmoxsipsvov émimedov, psyovdg dv iy
0 émraydév. & Ot oY, 7p%@ dwd Tov A onuelov
] BI' év ©6 dmoxepévep émnédo mods opdag n AE,
xel fpd@ dwd Tov A énl v AE xddevos v AZ,
xal die Tov Z enuelov tjj BI' mapaiiniog fxdw v HO.

Keal énel v BI' éxatéoe tdv A4A, AE medg dg-
Bag éorww, 1) BI” doa %al t6 Ot 16y EJA émnédo
meog Opdag fovww. xal domiv avry magdAindog 7
H®: v 0% ao 0vo e0delar magdiinior, 1 0} ula
avriy émnédp vl meds dedds 7, xel 1§ Aowwy té
atrd émméde meog 0¢ddg fovar xel n HO &oa 16
Oz tav Ed, A4A4 émnéde medg dgdag fotw. xal
npdg mddag &dpa Tag amroudves evris evdelng xal
otoag v v O vdv Ed, A4 émnéde dod éotiv
7 HO. &mvevow 0% adriis 1§ AZ ovow v 1 Ok

2. peTéwooy @ (non ), yersmoo:soov b. 3. 60057] P,
dnoneipevoy BF Vb, P mg. m. 1. 9. yae] om. V., e09sia)
postea ins. F. 10. T'B F. 12. dove wal] dotv e corr. m,
2F.  Zx/] om. b.  ysyovdg] eras. V.  13. td] supra scr.
F. d¢] supra scr. V. 17. énd .
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XI.

A dato puncto elenato ad datum planum perpen-
dicularem lineam rectam ducere.

Nam datum punctum elevatum sit 4, et datum
planum sit, quod subiacet. oportet igitur a puncto 4
ad planum subiacens rectam lineam

A .
perpendicularem ducere,
ducatur enim in plano subia-
5 centi recta quaelibet BI, et ab
5 - A puncto ad BI' perpendicularis
= g ducatur 44 (I, 12]. iam si 44

etiam ad planum subiacens per-
pendicularis est, factum est, quod propositum erat.
sin minus, a 4 puncto in plano subiacenti ad rectam
BI" perpendicularis ducatur A4E [I, 11], et ab A4 ad
4E perpendicularis ducatur 4Z [I, 12], et per Z
punctum rectae BI" parallela ducatur H® [I, 31].
et quoniam BI' ad utramque A4, 4E perpen-
dicularis est, etiam ad planum rectarum Ed4, 44
perpendicularis est BI" [prop. IV]. et ei parallela est
H®. sin duae rectae parallelae sunt, et alterutra ad
planum aliquod perpendicularis est, etiam reliqua ad
idem planum perpendicularis est [prop. VIII]; itaque
etiam H® ad planum rectarum EJ, 4.4 perpendicu-
laris est. quare etiam ad omnes rectas eam tangentes
et in plano rectarum EJ, 44 positas perpendicu-
laris est H® [def. 3]. uerum 4Z eam tangit in plano

21 —24 nonnulla in F euan. 23. 4o6nv] comp: Fb, don P,
foran V. 26. 44] 4, ut uidetur, e corr. F. 26. ©H B.
dv t] sustulit reparatio in F.
Euclides, edd. Heiberg et Menge. IV. 3
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tov Ed, 44 émnédp 7 HO doa dpd doti mpog
v ZA' dove xal ) ZA 6991 dori mpdg Ty GH.
fore 0 1 AZ xal modg Ty AE dod" §) AZ dou
neog éxatépay tév HO, AE bod1 dotwv. éav O
b evdela dvoly evdelarg Tepvovoms adiniag énl Tig To-
uijc wedg dpdag émioradd), xal t¢ O avtdy dmméde
npdg Spdag ovar' 1) ZA &pe v dux tov Ed, HO
émnédp moog Geddg fovw. 6 8t dix v Ed, HO®
énimedov éome TO Umoxslpsvov' 1 AZ Gpa T Umoxed-
10 péve éminéde mpog Opdag oriv.
‘And Tov dpa dodévvos anuelov perewgov Tov A
énl 16 vmoxelusvov émimedov xadevog 0Fsla ypappmn
nxvar ) AZ* Snep e moufjoo.

s,

16 Te dodévr. émiméde amd toD meds avrd
60851/1:03 onuelov meog og&ag el delay poap-
y,'m/ a’uactﬂdat

"Eerm to ptv dodiv émimedov td Umoxslusvov, Tl
0t mpog avre enueiov 0 A Osl O amd vov A oy-

20 pelov e vVmoxepive émmédp meos 0pPas ebPeiav
yoauufy dvacrioat.

Nevojedw © enusiov psrémgov vo B, xal amd

100 B éml 70 Umoxslpsvov émimedov xadevog fyxdw 17

BT, xol dia tod A onuelov tf) BI' mapdiiniog fxdw
25 1 Ad.

et b, sed corr. m. 1. 8. forr — xal] sustulit reparatio in F.
n] (prius)_xet 7 V. mv] m. 2 4Z] (alt.) e corr. m.
2 F, seq. ras, 1 litt. aea ral F. 5. ed8elug] edPeicn .
reuvovoais] Pb, F mg.; anzopévarg BFV, b mg.  allijlag] -ag
in ras. m. 1 b, aunlaw BFV. 6.8’jom. . 8. #mw] comp.

1. douy PV. 2. dorwv o. 913 ©®K 9o, H6 B, ZH P,
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rectarom E A, 4.4 posita. itaque H® ad Z A4 per-
pendicularis est; quare etiam Z.4 ad H® perpendicu-
laris est. uerum AZ etiam ad AJE perpendicularis
est. AZ igitur ad utramque H®, 4 E perpendicularis
est. sin recta ad duas rectas inter se secantes in
sectione perpendicularis erigitur, etiam ad planum
earum perpendicularis erit [prop. IV]. itaque Z_4 ad
planum rectarum E4, H® perpendicularis est. uerum
planum rectarum E4, H® subiacens est. itaque 4Z
ad planum subiacens perpendicularis est.

Ergo a dato puncto elenato 4 ad planum sub-
iacens perpendicularis ducta est recta linea 4Z; quod
oportebat fieri.

XIL
Ad datum planum a puncto in eo dato rectam
4 r  lineam perpendicularem erigere.

Sit datum planum, quod subia
cet, et punctum in eo datum sit 4.
oportet igitur, ab 4 puncto ad pla-
num subiacens perpendicularem rec-
tam lineam erigere.
supponatur eleuatum aliquod punctum B, et a B
ad planum subiacens perpendicularis ducatur BI" [prop.
XI], et per A punctum rectae BI parallela ducatur 44.

Fb, Zore PBV. 9. dmineddv don ©o vmoxeipevov] émmédmy
ngog dpfag fotiv ¢  ZAb. 10.#6tou V. 11.&ga] om. F,

do@évrogdea V. 13.7 AZ]Jom.Fb; add.m. 2B, mosijoet] dsi-
tuP.  15. favred P, sed corr.  16. dodévze onueiov @ (non
F). Post yoapusy del. dyaysiv m. 1 b.  19. adzé V, et P,
sed corr. Post prius 4 ras. 1 litt. F. 22, perémedv w o7-
peiov P, 23, waderog] comp. in ras. F. 24, vf BI'] om.b.

8*
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'Emel ovv 8vo sdsiar mapdidndol elow of A4,
I'B, 7 0% ple atnév 7 BI' 16 vmoxepéve éminéde
mpog Spdds dotiy, xul 7 Aowwny doo B Ad TH vmo.
xepéve émnédp meodg doddg oriv.

T doa dodévt émumédp amd tod mgog avrd on-
pslov o A meog dpdag avéerarar §) A" Omep e
noLneaL. )

o'

’Amd Tov avrov anuelov TH evrd émméde
000 e0delar mpds 0pdag ovx avacsrisovral éml
T avra uéon.

Ei yoo dvvardy, dnd vob aidrov enuslov tov A
Te Umoxaudve émmédm 0vo evdeior af AB, AL meog
doPag dveordiwoay éml Ta avve péen, xel dujxdw vo
dwx vov BA, A énimedov' vouny 07 moujos. Oue
100 A & v¢ vmoxepdve émnédp svdelav. moislred
vy AAE" of dge AB, AL, AAE &bdsiar v évi
slow émnédp. nal émel n A v¢ vmoxsipdve émi-
nédp mpds Opddg fovwv, xel meés madas Fpe tTag
antopévag avris evdelag xal ovoag dv ve vmoxeudve
éminédo SpPas moujde ypoviag. dmrevew 0t avrig 7
AAE ovee v 16 Vmoxswpéve émmédep 7 doa Umo
T'AE yovie dp& éotw. i va avre Oy xal 7 Omd
BAE $991j éovwv* Loy &ga 1) vwd TAE v vno BAE.
xel elow év évl émmédp: Omep oty advvazov.

Odx épa émd Tov alrod onuslov Te adre émméde

1. ¢low of] om. ¢ (non F). 3. douu FV, comp. b.
4, {or: BV, comp. Fb. 5. ano — 1. wotﬁaa% nol ta Efs V.
5. avto b. 6. vov — dvéorara] evan. F. 7. mworrjoar]
dsitar P. 9. dné — émmédp] PBFV, b mg. m. 1 (ye.);
in textn b: v dobévti émmidp dmd vob meds avre onuelov,
et idem in mg. habuit F, sed uestigia sola restant. = 10. dve-
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iam quoniam duae rectae parallelae sunt A4,
I'B, et altera earum BI' ad planum subiacens per-
pendicularis est, etiam reliqua 44 ad planum sub-
iacens perpendicularis est [prop. VIII].

Ergo ad datum planum a puncto in eo dato A
perpendicularis erecta est 4.4; quod oportebat fieri.

XI11.

Ab eodem puncto ad idem planum duae rectae
perpendiculares ad easdem partes erigi non possunt.
Nam si fieri potest, ab eodem puncto A ad planum
subiacens duae rectae 4B, AI" perpendiculares eri-
gantur ad easdem partes, et ducatur per B4, AT
planum. sectionem igitur in plano subiacenti rectam
efficiet per 4 punctum [prop. III]. efficiat #AE. ita-
que 4B, AI'y 4AE rectae in eodem plano positae
B sunt. et quonmiam I'4 ad planum
T subiacens perpendicularis est, etiam
4 ad omnes rectas eam tangentes et in
" plano subiacenti positas rectos angu-
A' los efficiet [def. 3]. tangit autem
E eam AAE in plano subiacenti po-
sita, itaque [ I 4 E rectus est. eadem de causa etiam
L B AE rectus est. quare I'4E = BAE; et in eodem

plano positi sunt; quod fieri non potest.
Ergo ab eodem puncto ad idem planum perpen-

stadrjcovran b. 18. «f] ins. m, 1 F. 15. BA] B e corr.

V. 1e. sv&uaw om.V. wotelrw) -zo supra add. m. 2 B,

17. Supra wjv add. e98. V. JA4E] corr. ex 44 m. 2 V.

AAEJ corr.ex 4Em.1b. 19. 261.BV, comp. Fb. 28. '4E se
/s Lin. V. d67. PV, comp. Fb.  25. wll‘P 16 évl

1 avtg b, mg. ye. & £ dnln.; avrd mg in quo in

ras. eet, 26, tY avTdY @ (non F).
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0vo s0Bslar mpog dpdag dvasradyoovrar éml ta avre
uéen" Omep &der dstbon. '
9. .
ITpdg & émimeda 7§ avry sVPela @01 éoTLv,
5 nagddinie E6val Ta émineda.
Ei9cia pdp tig 7 AB mpog éxdregov tav I'd,
EZ émnédov mpdg 0pdag forwm Aéym, v mapddindd
dote Ta émimede.
El pap p1, xPolddpsve ocvumecovvrar. Guu-
10 mmrérweay: moujeovar Oy xouwly Touy svdelav.
noweltmeay vy HO, xal slifjpdeo il vig HO tv-
gov onustov vd K, xol émefevydwoav of AK, BK.
xal énsl 7 AB S991] éori mpdg v6 EZ Emimedov, xal
medg Ty BK &g evdelay ovoav v v EZ éxfiy-
15 évre dmnédp 0097 éoviv 7 AB* 3 dga vmd ABK
yovia Sp81 éovw. dix ta avra Oy xal ) Umé BAK
b1 éfotwv. zowywvov O 100 ABK af 0vo yovie
af Um0 ABK, BAK dvolv opdals slow looes’ Omeg
éotly advvarov. ovx doa va I'd, EZ éninedo éxpol-
20 Adueva ovumeGodvrar® mepdiinie &oa éotl va I'd,
EZ inimede.
ITgog & ‘émimede dga 1 avry eodela dodr) doriv,
wopddinia éove ta émimeda’ Omep E0sr Osikar.

1. avaoricovrar V. 4. doms PBV, comp. Fb. 6. Ena‘?
P, {out BFVDb. ‘inmimsda] avta péen @¢. 6. 'd] in xas. V.,
7. EZ) ZE b. 12. BKX] corr. ex KB m. 2 V; KB B;
K" B' b. "13. xel] (alt) supra scr. comp. m. 1 b,  16. éote
BV, comp. Fb; item lin. 17. 17. ABK] corr. ex AB F.
af] om. V, 18. #low) supra m. 1 P, loar sloly V.
20. 40t{] comp. F.; eloly in ras. m. 1 P. 22. &] om. @
(mon F).  éous B, et corr. in dorew V, comp. Fb.  "23. #=i-
nede] ¢ in ras. m, 1 P. omeq £z Seikas] om. V.
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diculares duae rectae ad easdem partes erigi non pos-
sunt; quod erat demonstrandum.

XIV.

Ad quae plana eadem recta perpendicularis est,
ea parallela erunt.

Recta enim 4B ad utramque planum I"'4, EZ per-
pendicularis sit. dico, plana parallela esse,

nam si minus, producta concurrent. concurrant;
communem igitur sectionem rectam facient [prop. III].
faciant H®, et in H® punctum quodlibet sumatur K,
et ducantur 4K, BK. et quoniam 4B perpendicu-
laris est ad planum EZ, etiam ad rectam BK in

Hyplano EZ producto

positam perpendicu-
K laris est 4B. ergo

L ABK rectus est

[def. 3]). eadem de

causa etiam | BAK
rectus est. trianguli igitur 4BK duo anguli 4BK
+ BAK duobus rectis aequales sunt; quod fieri non
potest [I, 17]. itaque plana I'4, EZ non concurrent
producta. ergo plana I'd, EZ parallela sunt [def. 8].

Ergo ad quae plana eadem recta perpendicularis
est, ea parallela sunt; quod erat demonstrandum.

e




10

16

20

25

40 ZTOIXEIQN ta’.

’

e’

Ecy 0vo svPsiar anvrdpsver aiilijiov tege
0vo s09slag dnropévag dArfjiov da uy év 1
avre émimédo ovoar, mwapadinid ieti i OO
avrdy éximede.

dvo pog eVdelon amrdpevar dAdjiov of AB, BT
nepe Ovo sUdelag amvoudvag alirjiov vag AE, EZ
éotmoay 1) v 16 alvd dmimédp ovowm: Adpm, Srvi éx-
Beilopesva e die tév AB, BI', 4E, EZ énineda
oV ocvumeeelrar didijios.

"Hyd®o pag amd tov B onusiov éml w6 O v
AE, EZ ‘ninedov xadevos 1 BH xal ocvuPailéire
10 émméde xava o H onuelov, xel O vod H vij
ptv Ed mogdiiniog #ydw 1 HO, vjj 6t EZ 4 HK.
xol émel ) BH 8] éovu medg ©0 Oux 1y AE, EZ
énlmedov, xal mweog mddag dpo Tveg amTOwévag evTHS
evdelag xal ovoas év td e vdv JE, EZ émnédp
opdag moujos poving. dmverar 0% avtig Exeréoa
tév H®, HK ovee év ©é dia tév AE, EZ émnéde:
S0y dga dotlv Exarépe vhv vmdo BHO, BHK yo-
ndv. xol émel mapdiinAdg éomv §) BA vij HO, of
dga Um0 HBA, BH® yovin dvoly dedaly loar sloiv.
dp9n O 7 vwd BH@" o9 dpa el 3 vmé HB A*
% HB é&pa tfj BA mpog dpdds dovww. dia & avra
on 7 HB xal vfj BI' éovu mpog dpfdg. ‘Zmsl odw
evdste 7 HB dvolv svdslouug taly BA, BI' tepvod-

3. Ante do ras. 8litt. V; doewy B. 4. domw P. 6. BI'] corr.
ex'BV; I'BB. 10.0vu- inras. V. cvpmecodvrar b, corr.
m, 1. 11, Bl e corr., m. 1 b, 13, tov H] to¥ H onuelov b,
onuelov add. m. 2 F. 18, fotwv PV, comp. F. 16, adrijg
om. 9. 17. 6u& zéw] om, P. 19, tav HO — 20, fxravégu
mg. m. 1V, 20 rv] om. V. BHO] O in ras. V.
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XV.

Si duae rectae inter se tangentes duabus rectis
inter se tangentibus parallelae sunt non in eodem
plano positae, plana earum inter se parallela sunt.

Nam duae rectae inter se tangentes 4B, BI" duabus
rectis inter se tangentibus A4E, EZ parallelae sint
non in eodem plano positae. dico, plana rectarum
AB, BI' et 4E, EZ producta inter se non concurrere.

ducatur enim a B puncto ad planum rectarum
AE, EZ perpendicularis BH [prop. XI] et cum plano
in H puncto concurrat, et per H rectae EA parallela

ducatur H®, rectae autem EZ
B parallela HK. et quoniam BH
/ ad planum rectarum AE, EZ
perpendicularis est, etiam ad
omnes rectas eam tangentes et
in plano rectaram 4E, EZ po-
sitas rectos angulos efficiet [def.
3). uverum utraque H®, HK eam
tangit in plano rectarum AJE,
EZ posita. itaque uterque angu-
lus BH®, BHK rectus est. et quoniam B 4 rectae HO®
parallela est [prop. IX], anguli HB 4 -+ BH® duobus
rectis aequales sunt [I, 29]. wuerum [ BH® rectus
est; itaque etiam [ HB 4 rectus. HB igitur ad B4
perpendicularis est. eadem de causa HB etiam ad
BI' perpendicularis est. iam quoniam recta HB ad
duas rectas inter se secantes B4, BI" perpendicularis

22. HBA] H ine. V.  28. 7] (alt.) supra ser. V.  25. HB]
in ras. V, BH Bb. xal] in ras. V. 26. HB} P, BH
BFVb.  so@elaig] bofaiz B, supra scr. sdPeloig m. 2.
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oaig dAdjdeg mwpog dpdag Zpéerynsv, v HB oo xal
19 0w tdv BA, BI émnidp mpds doddg éovwv..
[0 z& avra O 5 BH xel td dix rév HO, HK
émnédo meog 6pddg doriv. o OF dwe tév HO, HK
énimeddy éovi 16 Oux tév JE, EZ' vy BH dga ©d
die tov AE, EZ émnédp éovl mpog Opddg. 2dslydn
0t n HB xal v Owx tdv AB, BI dmnéde meos
dpdds]. medg & 0% émimeda % avry &vdsla Spd
dotiv, magadinia ot va énimeda mwapdiAniov dou éotl
t6 Owx vy AB, BI' énlxcdov v¢ da vév JE, EZ.

Eov dpo dvo svdslow amvdusver aAljiov wage 0vo
evdelag amvoudvag dAljAwy @ov py év e adrg mi-
wédp, mapdidnid Eeve va 8 avvedy imimede Omeg
E0sL detkout.

5.

’E¢v dvo énxineda mapdlinia tno émimédov
Tivog Tépvyrat, el xowal adrdy Topal wapdi-
Andol elowy.

Avo pop émimedo mwogddinia va AB, I'4 Vo émi-
nédov 100 EZHO reuvéedw, xowwal 0% avvoy rtoual
forwoay of EZ, HO' Adym, Ot mapdiinldg detiv 7
EZ v} H6.

El yep w1, #xPadidusvar of EZ, HO 1o éxl

2. dor. BVg, comp. b. 3. dux to — 8. doddg] mg. m.
2 B, punctis del. m. 2 V. 4. dews BV, comp. Fb, 5. %nmv
P. PostEZ del. én{ m. 1 P. 7.BI'} AT BV. Adlin. 3
—8 mg. bm. 1: yo. fore 3% xal vd Sid vov JE, EZ dminédo
68 1 BH &pa mpbdg Exdrzgov 10y 8 taov ABT, AEZ ém-
nédwy 6987 dori; idem in textu BV (zf corr. ex 76, I'in ras.
V; éorww B), mg. m. 1 F. 9, Zore BY, comp. Fb.  12. dowv
B.  imnédo ovoor B.  13. dori vd] td seq. lac. p.  Gweg
£des deitar] om. V. 17. nagaddnio] Eotmoay @. 18. &lae
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erecta est, HB etiam ad planum rectarum B 4, BI'
perpendicularis est [prop. IV].!) ad quae autem plana
eadem recta perpendicularis est, ea parallela sunt
[prop. XIV]. itaque planum rectarum 4B, BI" paral-
lelum est plano rectarum AE, EZ.

Ergo si duae rectae inter se tangentes duabus
rectis inter se tangentibus parallelae sunt non in eodem
plano positae, plana earum parallela sunt; quod erat
demonstrandum.

XVL

Si duo plana parallela plano aliquo secantur, com-
munes eorum sectiones parallelae sunt.

Namduoplana
parallela 4B, I' 4
plano EZH® se-
centur, commu-
nes autem eorum
sectiones sint EZ,
H®. dico, EZ
rectae HO® paral-
lelam esse.
nam si minus, EZ, H® productae concurrent aut

B

r

1) Uerba dix zé lin. 3 — dofdg lin. 8 ab Euclide pro-
fecta esse nequeunt, quippe quae per ambages demonstrent,
BH ad planum rectaram JE, EZ perpendicularem esse, id
quod e praeparatione patet (p. 40, 11), ad quam Euclides
tacite respicit contra morem suum. inde factum est, ut uerba
illa interpolarentur et id quidem iam ante Theonem. seriptura
codicis B per ‘se bona sine dubio e coniectura satis recenti
orta est.

Vb, comp. F. 19. 'd”, AB’ F. 20. zerprjofe b, corr.
m. 1. 23. af| ovumecovvrar af V.
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ve Z, ® uson 1 énl ve E, H ovumsgodvrar. &xfPs-
Briedwoay og énl vé Z, @ uden xal cvuminritwoav
nedregov xave ©0 K. xal émsl § EZK év 16 AB
dotwv Emiméde, xal wavre doo to inl vig EZK on-
uele v v6 AB dorw émnédp. Py O} tdv iml tije
EZK &09elag onuslov éovl ©6 K ©0 K dga v to
AB donwv imnédo. Oz e avrd O o K xel év
9 I'd torwv imnédp' ve AB, I'd &ou émimeda éx-
Parddpsve GuumeootvTan. oV OvumimTove: OF e o
negdAdnie Omoxsiodars ovx doo of EZ, HO ebdsiae
éxBaldduevar éxl va Z, @ uéon ovumedotvrar. Opolmg
0y deltousy, ove af EZ, HO® gibsion 000t énml ta E,
H péon éxPerddusvar cvumedovvrar. of 0% éml und-
érega 1o udon Guumimroveas megdlindol elow. mag-
didniog &oo éotlv v EZ tj; HO.

'Edv &oa OvVo émimeda mogaiinie vmé Emimédov
twos téuvqrar, af xowal alrdv topal magdAinior
elow" omeg £dev Oeifou.

o

‘Eév 0vo evdclar vno magaliijlov émweme-
dwv téuvovrar, el Todg avrodg Adyovg Tun-
dnoovras.

Avo pop ebdstor of AB, I'd vmd megaiijiov
émnédov vov HO, KA, MN tspvéoBweav xere toe
A, E, B, I', Z, 4 onusia’ Aéyw, ot éorlv g n AE
evdele wpdg Ty EB, ovtwg ) I'Z medg tiw Z 4.

1. za] (alt.) supra ser. m. 2 B,  ovpmecodvrar] om. V.
dxfepliiofo in ras. V. 2. ég] P, F m. 1; modrsgov vig BVb,
F m 2 8. moéregov] om. BRV. Post xad spatiuom 6 litt.
relig. ¢.  t6 AB) &vl b, mg. yo. év 16 AB bourv. 4. émméde
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ad Z, @ partes aut ad E, H producantur ad Z, @
partes et prius concurrant in K. et quoniam EZK
in plano 4B posita est, etiam omnia rectae EZK
puncta in plano 4B posita sunt [prop. I]. ex punctis
autem rectae EZK unum est K. itaque K in plano
AB positum est. eadem de causa K etiam in plano
I’ 4 positum est. quare plana 4B, I'4 producta con-
current. uerum non concurrunt, quia parallela esse
supponuntur. itaque rectae EZ, H® productae ad
Z, ©® partes non concurrent. iam similiter demon-
strabimus, rectas EZ, HO ne ad E, H quidem partes
productas concurrere. quae autem ad neutras partes
concurrunt, parallelae sunt. itaque EZ rectae H®
parallela est.

Ergo si duo plana parallela plano aliquo secantur,
communes eorum sectiones parallelae sunt; quod erat
demonstrandum.

XVIL

Si duae rectae planis parallelis secantur, secundum
eandem rationem secabuntur.

Nam duae rectae 4B, I'd planis parallelis H®,
KA, MN in punctis 4, E, B et I', Z, 4 secentur.
dico, esse AE:EB=IZ:724.

dotiv F. wal — 5. émnédow] mg. F (euan.). 5. émmédo
éotty BV, F?; dmnédo slolv b, ©6v] T B, et V, sed corr.
m. rec. 6. onuelo By, et V (corr. m. rec.); onueiov b
12, af] nei of BV. 098° P. 13, péen) supra ser. m. 1 F.
éxfollopevar ov b. éml] imlte Vo. 14, ta] om. BV.
elor Vb, comp. F. 15, 7] post ins. V. 7§} om. b,
16. mopaiinie — 18, dsiter]: ~ V. 17, vévpunrae B. 21, zé-
pvovroe P, corr. m. 1. 24. repvétmcay b. 26, 4] insert.
postea V. B] in ras. V. 4, Z B. 26. Zd] e corr. V,
inras. m. 1 P; 4Z B.
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‘Enctevydooay yop of AL, B4, AAd, xal cvu-
Bediérw § A4 ve KA émnéde xave to E onuclov,
%ol émelevydwoay of EE, BZ. xol émsl dvo émimeda
nogadiinie 1@ KA, MN ©md éminédov vov EBAE
réuverar, of xowel avrdy vopel of EX, BA magei-

“Agdol elow. i e avre 07 Zmel 8vVo éximedo mao-

dAinie e HO, KA vmo émimédov 100 AEZI vé-
pverai, af xowal atvov topal af AT, EZ nepaiiniol
glow. xal émel vouyavov tod ABA mage plov T
mAsvpdv iy B A e0@ela v 1) EE, dvdiloyov dga
éotlv g 7 AE mpog EB, otnwg 7 AE meos 4.
madw éxsl vouydvov 100 A AT muge uley tév wiev-
06y iy AT ebbele furar 1) EZ, dvdioydyv éony dg
n AE medg B, otrwg § I'Z meog Zd. Edelydn
0t xal &g % AE meog Ed, otnwg } AE meds EB-
xal &g dga ) AE mods EB, otrag 4 I'Z mpdg Z4.

‘Eav dga 8vo ebfelar vmd mapedijlaov émnédav
réuvavra, &lg Tovg avrovg Adyovs Tundjcovra’ omse
&e deibou.

2 vo]ép. 3. FHZ)E'Z b. inimedorg. 4 mag-
dlinla] = o @, EB4X&) 5 in ras. V, corr. ex Z m. 1 F.
5. EE, Bd4] in ras. V, & eras. B; EZ, B4 b, 6. eloy
Vb, comp. F. ~ 8id — 9. eloiv] mg. V. 7. dmimédov Tod
corr. ox émnédov P. m. 2. AFZTI)] & in ras. V. 8. §Z
corr. ex Zm. 2 B. 9. &lo b, comp. F.  ple @. 10, oy}
7ij b.  s¢fsiay B, sed corr. 11, }o)ntv] om. V. 1w EBYV,
12.44” " b.  13.wjv] v6» @ (nonF).  ev@eia B, sed corr.
dorv] &eeFV. 14,75y §4BF. I'Z]Zin ras. m.rec. V.
iy Z4 BF Vb, é#dely®n—16. EB] mg. m. 2 B.  15. mjw
4 FVb, my EB V. 16. xal og &oa] forv &oa xal
og b, & in spatio plur. litt. . AE] 4 in ras. m. 2 V.
v EB BFb, wpw ZdB. 17, 9mé — 19. dsifau] nel ta
Etijg V. 18, tépvovrar, sly] oregedy seq. lac. . -
covrar B, corr. m. 2.
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ducantur enim AI', B4, A4, et A4 cum plano
K A concurrat in puncto 5, et ducantur EXE, §Z. et
quoniam duo plana parallela K4, MN plano EBA4 5
secantur, communes eorum sectiones EJ5, B4 paral-
lelae sunt [prop. XVI]. eadem de causa, quoniam

duo plana parallela H®, KA plano 45ZI" secantur,
communes eorum sectiones AI', §Z parallelae sunt.
et quoniam in triangulo 4B .4 uni laterum B A paral-
lela ducta est recta EX, erit 4E: EB= AF: 54
[VI, 2]. rursus quoniam in triangulo 4 4TI uni late-
rum AT parallela ducta est recta KZ, erit 45 : 54
=1I7Z7:ZA4. sed demonstratum est, esse etiam 4,5 5
= AE: EB. quare etiam AE: EB=IZ:7Z4.

Ergo si duae rectae planis parallelis secantur, se-
cundum eandem rationem secabuntur; quod erat de-
monstrandum.
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oy’

‘Eav s0dsta éminédo tivl mpdg dpPas 7, xal
navre vo 00 avrig éwimeda TvH avrg émimédm
neog dpdag éoral.

Evdsia pdp g 7 AB Tt vUmonsiuéve émmide
mweog Opdag dorw: Afym, Or xel mivve T die Tiig
AB énineda te Umoxsipéve dmimédo mpodg 6pdds éoviy.

Exfefiioden pop O tiig AB émimsdov ©o AE,
xel é0tw xowvy Touy tov AE mmédov xal tov vmo-
xepévov ) T'E, xal slirfjpda énl tig T'E zvgdv on-
pelov ©0 Z, xel awd vov Z vfj TE medg dedes ijydw
v 10 JE émnédp v ZH. xal émel 9 AB medg o
vmoxeluevoy éninsdov S| oty xal medg mddas dpa
Tog amvousvag aurig svdelag xal ovoag v Te Umo-
xelpdve émmido 0P fovw 3 AB° Gots ol mweog
tyv TE Opd1 doniv: § dga om0 ABZ yovie S99
domw. ot 0% xal y Vw0 HZB dp91° mapdiiniog
dpe éotiv 7 AB vy ZH. 1 0t AB vd vmoxsiuéve
émmédp meog Opdag foviv' xal § ZH édga v vmo-
nepusve dmmwédo meog Opddg domwv. xal Emimedov
npodg énmimedov S986v doriv, Srav af vy xowy Touf
oy émmédwv mgog dpdag dydusvar evdsion v évi
oY émmidov v Aomd mimédm meog bpPag wmoiv.
xol Tf xowy tous tdv émwideov v I'E év évl rév
émnédov v AE mods dpdag dydsica n ZH &0siydy

4. &otar] corr. ex gmv V. 6. svdeie — 7. dorv] mg.
m 17V, 6. t7j¢] om. @ (non F). 13, dor: PBFV, comp.
b. 14. odoa P. 16. dome V. yoviay @. 17. HZB] 1
ras. V. 18 docv] om. V.  ti) tp adig F. 19, dom B,

wel 7 — 20. domev] om. b, mg. V.' 19 HZP.  20. done
PBY, comp. F.  xal] xal éxel BY. 21. moos dminedov]
supra m. 2 V.  23. fmnédw] rav émmédoy V, oot Vb,
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XVIIIL

Si recta ad planum aliquod perpendicularis est,
etiam omnia plana, quae per eam ducuntur, ad idem
planum perpendicularia erunt.

Nam recta 4B ad planum subiacens perpendicu-
laris sit. dico, etiam omnia plana, quae per 4B du-
cantur, ad planum subiacens perpendicularia esse.

ducatur enim per 4B planum AE, et communis
sectio plani JE et subiacentis sit I'E, et in I'E
sumatur punctum aliquod Z, et ab Z ad I'E perpen-
A H 4 dicularis in plano 4 E ducatur Z H.
| _ et quoniam 4B ad planum sub-
iacens perpendicularis est, etiam ad
T omnes rectas eam tangentes et in
f Z B /™ plano subiacenti positas perpendicu-

laris est 4B [def. 3]. quare etiam
ad I'E perpendicularis est. itaque [ 4BZ rectus est.
uerum etiam [ HZB rectus est. itaque 4B rectae
Z H parallela est [I,28]. 4B autem ad planum sub-
iacens perpendicularis est. itaque etiam HZ ad pla-
num subiacens perpendicularis est [prop. VIII]. et
planum ad planum perpendiculare est, si rectae in
altero plano ad communem planorum sectionem per-
pendiculares ductae ad reliquum planum perpendicu-
lares sunt [def. 4]. et demonstratum est, ZH in altero
plano 4 E ad communem planorum sectionem I'E per-
pendicularem ductam ad planum subiacens perpen-

XVIIL. Euntocius in Apollon. p. 28.

24. év dmimédov zopf b. Touf] Toufj deu . i)
-j e corr. V.

Euclides, edd. Heiberg ot Menge. IV. 4
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6 vmoxautve émnédp mods deddg: to dew AE émi-
nedov 00y éove modg 7O UVmoxslpevov. Ouolwg 0%
deydrjoetar xal mavie ve Sk tijg AB émimeda dpda
Tvprevovre meds TO Umoxsluevoy émimedov.

‘Eav &ga svdele émmédo tivl mog dpdas 7, xal
mavee T 00 avtiy émimede ve avred imméde medg
doBag fovas Omep £0s deifou.

.

Ec¢v 0vo éminede vépvovra EAinle éminédp
vivl mpodg dpdag 7, xel § xoivy wdrdv Toun TG
avtd émimédm meog Sodag Eorar.

dvo ypog énimede ve AB, BI" 165 vmoxeuéve émi-
nédp meds opdag fotw, xoiwvy O avrdy voun éotw 9§
BA4* Aéyw, O6te ) B v vmoxsudve émmédo meodg
doBug doTLv.

My ydo, ol Hydweay dand vod A enusiov dv pdv
76 AB émnédp v AA eb¥ely meds d¢Pag ) AE,
v 0t v BI' émnmido tfj I'd medg dedas % AZ.
xal émel o AB émimedov OpPdv dore moog TO Umo-
uelpevov, xol vif xowj avvdv voufj tfj Ad meodg bo-
fag &v v AB imnédo uvar § AE, §) AE éou
b8 foti mwedg O UVmonsiuevov émimsdov. Ouolwg 07

2. douv P. Post vmoxeduevoy add. éxixsdoy b et mg.
m, rec. V. 6. wed — 7. deibar]: ~ V. 6. Ta &’ avig
imi- euan. F, 9. téuvovra] greeovta @ (non F). ‘Immédo
rwi] om. F, sed uidetur fuisse in mg. 10. Top7] in ras. m.
1 P. 12 7] bis P; corr. m. 1. 15. 46t BV, comp. F.
16. ané] dmo P. 17. zj] e corr. b. nodg] om. .
AE] 4 & corr. V, 18. d¢] om. P. r'd) 4T b, 4Z) 2
in ras. V. 19. éow] om. @ (non F). 20. nal) éninsdov,

nal b, Ad] 4 in ras. FV.
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dicularem esse. ergo JE planum ad subiacens per-
pendiculare est. iam similiter demonstrabimus, etiam
omnia plana, quae per 4B ducantur, ad planum sub-
iacens perpendicularia esse.

Ergo si recta ad planum aliquod perpendicularis
est, etiam omnia plana, quae per eam ducuntur, ad
idem planum perpendicularia erunt; quod erat demon-
strandum.

XIX.

Si duo plana inter se secantia ad planum aliquod
perpendicularia sunt, etiam communis eorum sectio
ad idem planum perpendicularis erit.

Nam duo plana 4B, BI" ad planum subiacens per-

pendicularia sint, et commu-
| nis eorum sectio sit B..
I dico, B4 ad planum subia-
L( z JI_ cens perp.endictllarem esse.
\‘:/ Ne sit enim, et a o

F puncto in plano 4B ad rec-
tam 44 perpendicularis du-
catur 4 E, in BI" autem plano

4 r ad I 4 perpendicularis 4Z.')
et quoniam 4B planum ad subiacens perpendiculare est,
et ad communem eorum sectionem A4 in plano 4B
perpendicularis ducta est 4 E, 4 E ad planum subiacens
perpendicularis est [def. 4]. similiter demonstrabimus,

1) Nam si communis planorum sectio ad planum subiacens
perpendicularis non est, ad rectas 44, 4 I rectos angulos non
efficiet. ergo et in plano 4B et in BI" locus est perpendicu-
lari ad 44 et ad 4 I" in 4 erectae.

4%
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dcitousv, Ot xal § AZ Op91 dovt medg TO vmoxel-
pevoy émimedov. dmwd Tob avrod Goa onuelov Tov
4 16 Omoxepbveo mmédp b0 eddeia mog SePas
aveatauivos slely éml ta adve uéen: Smeo oviv adv-
varov. odx doa e vmoxeubve Emmédp dmo Tov A
onquelov dvecradijoetoar weog dpdag miny tig AB
xowvijg toutfig tov AB, BI' émnédwv.

Eav &ga 0vo énimeda véuvovre &Ainde mméde
vl meds dodag 7, xel 7 xowy adrdy Topy TH avTH
éminédp medg Sedag Eovar: Gmep &0e Oetfau.

’

%

‘Eav 6regea yovie Um0 ToLdy yovidy émi-
nédmv msgiégnrar, dvo Omoraroty Tig Aoimijg
pelbovég slo. mavry peralapfavopevar.

Zregsa pho yovie 1 meog te A Ume TQIBY po-
wndy émnédov tdv vmd BAI, I'dd, 4AB mseu-
gyéodo Aéyw, ot 1oy vnd BAI, 'dAd, AA4B yo-
vidy 000 Cmoiwodv vijg Aowwig ueifovés elor maviy
pevodapfaviopsva.

El utv odv of vno BAL, T'dAd, 4A4B yoviu
loar aAdrdoug elov, pavegdy, 8tu 0vo omoiaioty Tijg
dowmij psltovés elow. & 0% ov, &t pelfav 1 Vmo
BAT, xol evveordro mpds tj] AB &vdsix xal v
n@og vt onuslp ¢ A vy vmo 4 AB yovly év 16

om. V. 6. t75] e corr.am, 1 b, 8. imineda — 10. deifar
e V. 9. 97, nal] euan, F, 14. petfovg V.  mavry
seq. ras. 1 litt. P. 16. Tt corr. in 7o m. 1 b. 16. mept-
sgéofo — 17. yondy] mg. m. 2 V, in text. eras. yormody.

16. 'dA4'b. 20. Td4d] 4 e corr. V. 21. loar] eloe leas

1. 6z xel ) om. @ (mon F).  42] 4”2" b. 4. éo:h]
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etiam 4 Z perpendicularem esse ad planum subiacens.
itaque ab eodem puncto 4 ad planum subiacens duae
rectae ad easdem partes perpendiculares erectae sunt;
quod fieri non potest [prop. XIII]. itague a 4 puncto
nulla recta ad planum subiacens perpendicularis eri-
getur praeter 4B, quae communis est sectio plano-
mm 4B, BI.

Ergo si duo plana inter se secantia ad planum
aliquod perpendicularia sunt, etiam communis eorum
sectio ad idem planum perpendicularis erit; quod erat
demonstrandum.

XX.

Si angulus solidus tribus angulis planis continetur,
duo quilibet reliqguo maiores erunt quoquo modo con-
iuncti.

Nam angulus solidus, qui ad 4 positus est, tribus

4 angulis planis BAT,

I'd4, 44 B continea-

tar. dico, duos quos-

libet angulorum B AT,

\ I'4dd4, 4A4B reliquo

B £ ' maiores esse quoquo
modo coniunctos.

iam si anguli BAT, I'4 4, 4 AB inter se aequales
sunt, adparet, duos quoslibet reliquo maiores esse. si
minus, maior?) sit L BAT, et ad rectam 4B et punctum
eilus 4 in plano rectarum BA, A4I' angulo 44B

1) Sc. angulo 44B. neque enim necesse est, omninm
eum maximum esse.

V. slolv] om. V. 22. #loe V, comp. F. 24. 4 4B}
44T P. #v] om. B, supra scr. V.
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0t v BAT émnédo lon 1 vmd BAE, xal xelodw
tfj A4 len § AE, xal 8w vov E oquelov diaydeice
7 BET vepvétw vog AB, AT s0dslag nava e B, I
onucia, xol énetevydocay af AB, AT. xal érel loy
éorlv ) 44 vfj AE, xowsy 0t 3 AB, 0do dvely
oot xol yovie 4 vn6 4 AB yovig tfj vné BAE loy*
Bacis dox 1 AB Pdees vy BE éoviv lon. xal Zmel
0vo af BA, AT vijg BI" pelfovég elow, ov 1§ 4B i
BE #d¢iydn lon, Aomny dpo 9 AT Aowwijg g EI
ueltov doviv. xal émel len dovlv ) A4A vy AE,
xowwy 0t 5 AL, xol Pdeg 9 AI' Bdecwg tiig EI
peltov dotiv, yovie &ou 9 vmo A4 AT yovieg tijg vmd
E AT peltov fotly. é0slydn 0t xal 9) vmd A AB <jj
tnd BAE lon' of dpa om0 AAB, 4AT vijg vmd
BAT psltovég elow. ouolmg 01 dslousv, 81 xal af
Aouwel ovvdvo AauBaviusvar tig Ao pelfovés slowy.

‘Eev &oo otvegea yovie VmO toudy yevidy imi-
nédov meoiéynrar, dvo omolwody Tig Aoumijs uelfovés
slo. mwovry pevadeufovipsvar Smep 06 dstou.

xe'.
‘Arace 6regsa povie Vo {Aacedvay [1] Teo-
6hoav 6pdav yoviav éminédov megiéysTas.
"E6tw otsges yowvle 7 moog te A megueyoudvy Umod
émnédov povidy tédv vwd BAL, A A, AAB* iéyn,
0t of vm6 BA, I'4 4, 4 A4B rs66dgav dpddv éAda-
Govég &lowv.

1. émnéde) in ras. m. 1 P. 1'7‘1 supra scr. V, ut lin. 2.
nelodo 1jj] dud zod E on ¢ (non F). Hinc plerasque ineptias
manus ¢ omisi, maxime ubi aut certa uestigia ueri super-
erant, aut certe nulla erat causa de scriptura cod. ' dubitandi.



ELEMENTORUM LIBER XI. 5%

aequalis construatur [ BAE, et ponatur 4 E = A4,
et BEI" per punctum E ducta rectas 4B, AT secet
in B, I' punctis, et ducantur 4B, JI'. et quoniam
44 = AE, et AB communis est, duo latera duobus
sequalia sunt; et [/ 4 4B = BAE. itaque 4B = BE
(I, 4]. et quoniam BA -+ AI'> BI' [I, 20], et de-
monstratum est, esse 4B = BE, erit 4I' > EI. et
quoniam JA4 = AE, et A" communis est, et 4I"> ET,
erit L 44> EAL [I, 25]. et demonstratum est,
esse etiam [ 4 4B = BAE. itaque 44B 4+ 4A4T
> BATI. eodem modo demonstrabimus, etiam reliquos
angulos duo simul coniunctos reliquo maiores esse.

Ergo si angulus solidus tribus angulis planis con-
tinetur, duo quilibet reliquo maiores sunt quoquo modo
coniuncti; quod erat demonstrandum.

XXI.

Omnis angulus solidus planis angulis minoribus,
quam sunt quattuor anguli recti, continentur.

Sit angulus solidus, qui ad 4 positus est, compre-
hensus planis angulis BAT, 'd A4, 4A4B. dico, esse
BA'4+ I'4 4 4+ 4 4B minores quattuor rectis.

8. I'] corr. ex E m. 1 b. 4. 4B] B4 F. 6. Post

loer ras. 4 litt. hab. V. 7. domww lon] fon _seq. spatio uacuo
3Ltt. V. 8. BA) B"A b 4B BV, V2 10. éotiv]
(prius) é¢z PBYV, com% AE] in ras, ‘? 11. 4T corr.
ex AEB. 12. Zor( P v, comp F. Dein add. (V. A44T]
4BT . 14. 7ij¢ bis P corr, m. 1; zoig F. 17. b —
19. dzifou] wel va EEfg V. 21. vno] corr. ex amé P.
f] om. P. 22. émmédov boddy yovidy V.  23. zé] corr.
in ¢6 m. 1b. 24 9mé — 2. of] mg. m. 2 B. 24 T4
dAT @ et in ras. V. 26. vmd] eras. B; m. 2 V. rad
Fmi, 44 F m. 2 et V in ras. 26. eloe V.
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Elijgpde yap ép’ éxdorns tov AB, ATy A4 vv-
yovre onusic va B, I'y 4, xol émefevydmoay of BI,
I'd, 4B. xal énmel ovegea yovie 7 meodg vg B vmd
oY yowov Eminédov meguéysvar tdv vwo I'BA,
ABA,I'BA, 8v0 émovanotv tijg Aovwiig pelfovés elowy: af
doa vwd I'BA, ABA vijg vnd I'BA uslfovés elaw.
0wt ta avre 07 xal of ulv vmd BI'A, A4 vig
vwo BI'A pslfovés elow, of 6% tmd '4 A, AAB tig
vnd T'AB ueifovés elow’ of £ doo poview of vmo
I'BA, ABAd, BI'4, AT’'4, I'd A4, AAB toi6v Taw
vnd 'BA, BI'4, I'4B pslfovés elow. adhe of voels
af vmd I'BA, BAT, BI' 4 dvely 6gdaig loaw eloiv:
of 8 dpa af vwo 'BA, ABA, BI'4, AT'4, I'4A4,
AAB 0Vo bpdav uelfovés elow. xal émel éxdevov
tov ABI, A4, AAB zyoiydvey ol toels yovie
dvaly SpPaig loar eloly, al doa TdY TELOY TELYGVOY
évvéa yoview of tmd I'BAd, AI'B, BAI, AI'd,
ra4, T44, AAB, ABA, BAA 8 Sopbais loa
sloiv, av af Um0 ABT, B['A, AT'4, T 44, A4B,
4B A4 ¥ yoviar 0vo dpdav elor psifoveg Aoimal doa
of 9no BAL, I'4Ad, 4A4B tgsls [yavia] nspiéyovoar
v otepeay yoviny teoodpav Spddy éAdodovss slow.

2. I'] supra gcr. m. 1 V. 8. 4B] AB 9. 4. Ante ooy
ins, yeom.2V. 6. I'Bd]inras. m.1P. 6. w:o](nlt) om,
F. &los BV, comp. Fb. 7. BI'4] supra 4 scr. 4 m. 1 b
8. BI'd I‘BAF corr. m. 2 (sed euan.). eloe BVD, comp F.

of 8¢] nal il BF VD, 10. ABA) Bdinras. B, item litt. s 3
I'dA]inras. V. 11.BI'4]I'4inras. V. PAB] in ras.
a2’ b, 12 BI'd] Bet dinras. V. slo/V, comp. F.
18. ABd]m.rec. V. I'dA]inras.V; 44T e corr. m. 2 B.
14.0v0] ABA 30 V. elo BVb, comp. F.  15. af voeifs vos-
yavay F, corr. m. 1. rgiydvov P, et b, sed corr. m. 1.

17. TBA)TBAF,BAdecorr. V. AT'B] ABT'P. 18.T'd4]
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sumatur enim in singulis rectis 4B, AI', A4
quaelibet puncta B, I, 4, et ducantur BI', I"4, 4B.
r et quoniam angulus solidus,
qui ad B positus est, tribus
angulis planis continetur I'B 4,
4 ABA4,I'BA4, duo quilibet re-
liquo maiores sunt [prop. XX}.
B itaque I'BA 4+ ABA > I'BA4.
eadem de causa erunt etiam BI'A 4 4I'd > BI'A,
a4+ 44B>T'4B.

itaque I'BA 4+ ABA 4+ BI'd+ ATA4+T'44

+ A4B>TI'Bd -+ BI'd 4 I'4B. uerum

I'Bd+ BAI' 4 B4

duobus rectis aequales sunt [I, 32]. itaque sex anguli
I'BA+ ABA + BI'd + AT A +T'Ad4+ A4B

duobus rectis maiores sunt. et guoniam singulorum
triangulorum ABI', AT'4, AAB tres anguli duobus
rectis aequales sunt, nouem anguli trium triangulorum
I'BA 4+ AT'B 4 BAI' + AI'4d + I'dd + I'dd
+ AAB -+ ABA -+ BAA sex rectis aequales sunt,
quorum

ABI'+Brd+ Ar4+T'44+ A44B+ 4B A4
duobus rectis maiores sunt, itaque reliqui

BAI' 4+ I'dd 4 4A48B,

qui angulum solidum continent, quattuor rectis mi-
nores sunt.

in ras, V; JAT B. A4} Adinras. V; T'dAB. BAd]
Ba4 P.  20. psliovés elo(v) BV. 21. yovlas] om. P.
22. elgu V, comp. F. Seq. in V mavrn, sed del.
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"Anoca doa ovepex ywvie vmd lacedvev (1] Teo-
cioav GpfdY yoridy éminddwv megiéyerar Omep e
dctbou.

%8’

'Ecv &61 toels yovial éximedol, dv af ddo
zijg Aowmijs puelfovég elor mdviy ueralapfavo-
pevae, weQiéyoor 0 avrag loar svdelar, dvve-
v d6Tiv éx tav émifsvyvvovday tag [Gag V-
Belag Tolywvov 6veTnoacdal.

"Eorwday toeig yovia éninedor of 9n6o ABI,AEZ,
HOK, dv of 0vo vijg Aowmijs pelfovés elor mdvey
pevadopfavépsvar, of uytv vwd ABI', AEZ tijg vmd
HOK, of 0% vmé AEZ, HOK 1©ijg vwd ABI', xnal
o of vwo HOK, ABT tijg vmd AEZ, xal E6racay
i6ew of AB, BI', 4E, EZ, HO, @K evdsiar, xal
énelevydaocay of Ay AZ, HK* Aéypw, 0t Svvardy
dotwv éx tov l6av taic Ay, 4Z, HK tolywvov ov-
orjGaedar, tovréory Om tav A, 4Z, HK dvo
omotesovy vig Aowwijs uelfovés elaw.

E! ytv otw af vmd ABI', 4EZ, HOK ywvie
loas aAdiiaug eloly, pavepdy, Ot xel tov AT, AZ,
HK loov ywouévov dvvaroy éotwv éx tav loov taig
AT, 4Z, HK tolywvov cverijcacdai. & 0% ov,

1. &pa] supra ser. m. 1 P,  dmé — 8. Ssifar]: ~ V,

1, 7] postea add. m. 1 P. 7. meiégwory P, nmeoréyovor F.
8. Supra lowg add. yovies m. 2 é, del. m. rec.
svdelog) yovlag sddaay V. 11. glo] forwoay BFV et b
(¢0- in ras.). 18, sodeion] m. rec. V. 17. evverioccdar
P, corr. m. 2. 18. oz] corr. ex 76 m, 2 F, 19. pelfove
V. eloe mavry peralapBevépevar Theon (BFVD),  21. eloe
lowe V.  elalv] elol PBb, comp. F.; om. V. 22, yiyvouévor

F, yevopévav b,
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Ergo omnis') angulus solidus planis angulis mi-
noribus, quam sunt quattuor recti, continetur; quod
erat demonstrandum. .

XXIL.

Si tres anguli plani sunt, quorum duo reliquo
maiores sunt quoquo modo coniuncti, et eos aequales

YANVANA

continent rectae, fieri potest, ut ex rectis aequales
rectas coniungentibus triangulus construatur.

Sint tres anguli plani 4BI', 4EZ, HOK, quo-
rum duo reliquo maijores sunt quoquo modo coniuncti,
ABI' 4+ 4EZ> H®K, 4EZ 4+ HOK > ABT,
HOK + ABI'> 4EZ,
et sit 4B = BI'= A4E = EZ = HO = @K, et du-
cantur 4TI, 4Z, HK. dico, fieri posse, ut ex rectis
aequalibus rectis AT, 4Z, HK triangulus construatur,
hoc est, rectarum A, 4Z, HK duas quaslibet re-

ligua maiores esse.

iam si anguli 4BI', AEZ, HOK inter se aequales
sunt, manifestum est, cum etiam 4T, 4Z, HK aequales
sint [I, 4], fieri posse, ut ex rectis aequalibus rectis
AT, A4Z, HK triangulus construatur. sin minus, in-

1) Nam in angulis solidis, qui plus quam tribus planf
angulis continentur, similiter ratiocinandum est. ¥
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forwoay &vidor, xal ovveordtw moos v OK ebfely
xel vd weog avry enuelp to @ v vmo ABI yovig
lan 7 vml KO A" xal xelodo wid tov AB, BT, AE,
EZ, HO, @K oy 1) ®A, xol énelevydocay of KA,
HA4. xal éwsl 0Vo of AB, BI' dvel tals KO, 64
low elolv, xal ypovia 1 meds v¢ B yevig tjj vmd
K@ ioy, Pdag dga AT Bace vf; KA loy. xol
énel af vmo ABI, HOK w5 vmo JdEZ peifoves
elow, ioy 0t § vmd ABI ©f; vmo KO A, 3 dex vmo
H®A vqig v AEZ peltov éoviv. xal émel 0vo af
HO, @4 Yo vais AE, EZ l6av &loly, xal yovie 1
om0 HOA yoviag vig mo AEZ usliov, fdowg &ou
n HA Bdecag vijg AZ peltov éovlv. aiie o« HK,
KA vijg HA pelfovés slow. modde &oo of HK, KA
tiig AZ uellovés slow. lom 0t 7 KA v A" «f
AL, HK épa vijg Aoumijg vijs ,AZ pelfovés elow.
opolwg O dslkousv, 8tv nal af uiv A, AZ vijgc HK
pellovés elow, xal v al 4Z, HK tijg A" pelfovés
elow. Ovvardy dge éarlv éx tév leov taig AT,
A4Z, HK tolyovov overioacdar omep &de deifor.

’

%y’
‘Ex to1dv yovidy éminédov, dv af 0vo 7ijg
lotmiig weifovés elor mavry peralapfavipevar,

1. Post &vigor add. xel Z6z0 psifwy 3 medg té E mg. m.
rec. V. 2 admip b. 8. AB] AT ¢. 4. lon 7) ©4) supra
scr.m. 2 V; dinras. B.  émefsvgdmoay — 5. wal] postea ins.
m. 1 P. 5 AB}in ras. m. 1 P. 6. elo/ BVb, comp. F.
73] mutat. in 6 b, 7. OKAF. iorw fon BF. 8. «f] om.

; uidetur supra scr. fuisse, sed enan. JEZ) in ras. V.
" "9HAF. {ex/PBV,comp. F. 11.dvelP. &leiVh,
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aequales sint, et ad rectam @K et punctum eius ®
angulo 4BI aequalis construatur . K@ A, et ponatur
@ 4 cuilibet rectarum 4B, BI', 4E, EZ, H®, 6K
aequalis, et ducantur K4, HA. et quoniam duae
AB, BI' duabus K®, ® 4 aequales sunt, et angulus
ad B positus angulo K& 4
aequalis est, erit etiam A"
4 = KA [I, 4]. et quoniam
ABI' 4+ HOK > 4EZ, et
H A ABI'=K®A, erit [ HOA
> A4EZ. et quoniam duae
H®, ® 4 duabus 4E, EZ aequales sunt, et | HO®A
> AEZ, erit HA> AZ [1, 24). wverum HK 4 K4
> HA [1, 20]. itaque multo magis erunt
HK 4 KA> AZ.

sed K4 = ATI. itaque 4"+ HK> A4Z. jam simi-
liter demonstrabimus, esse etiam AI'+ JdZ> HK,
A4Z 4+ HK > AI.  itaque fleri potest, ut ex rectis
aequalibus rectis AT, 4Z, HK triangulus construatur;
quod erat demonstrandum.

®

XXIIL

Ex tribus angulis planis, quorum duo reliquo ma-
iores sunt quoquo modo coniuncti, angulum solidum

comp. F. 12. 976 AEZ) meog 76 E V, et fort. F in mg,,
sed euan. 13. éov( V, comp. F. 14. elor PV, comp. %‘

16. Post #lo1» una linea eras, in V., 17. 6n xel] ol
on V. 18. o P, comp. F. nol fri of ] P; of 3¢ Theon
(BFVD); sed cfr. p. 64, 4. 4Z"HK b, HK, 4Z BFV,
pelfovés eloww] om. BFV, 19. eloe b. 20, 8meg #32¢ deifau]
om. V. Seq. demonstr. alt.; u. app. 22. of] of F.



10

15

20

62 ZTOIXEIQN :a’.

6teoeav yoviev cvotioaddar del 01 tag rosig
Te660o0v 6oPdY dAdedovag slvad.

"Eetacay af dodeigar tosis yovic énimedor af Umd
ABT, 4EZ, HOK, dv ai 0vVo tiig Aowwijs uwelfoveg
éotwoay mdvey peralapPovipsvar, it 0t al Toelg
regocooy Gedmv éldedoves” Ot O éx TdYv lewwv
tais vnd ABI, A4EZ, HOK eregsav yoviay 6verr-
oo,

‘Aneaiipdwoay l6ae of AB, BI'y, AE, EZ, H®,
OK, xol énelevydwoav af ATy, 4Z, HK' dvvarév
doa Sotiv éx tév lowv taig Ay, AZ, HK volyovoy
ovorioacdar. ovvesrarm to AMN, deve lonv evar
v uiv AL ©vff AM, vy 0% AZ vjj MN, xal it
v HK ©jj NA, xal meguyeyoepdo megl 1o AMN
Tlyavoy xvxdog 6 AMN, xal elifjpdw adrov To x&év-
Toov xal f6Tw O E, xal dmefevydweav of A5, MSF,
NE: Aéyw, Ot % AB pelfav éotl tiig AF. &l pog wi,
firou lon éotly ) AB ©vjj A5 1} édrrav. é6tw medTegov
lon. xal énel lon éotiv § AB ©5] AE, ¢AAé 4 utv AB
t) BI dovww loy, 1) 0% A ©f EM, 0vo 0y of 4B,
BI' 0%o taig A5, EM loaw elolv éxaréon éxarépn’ xal

1. oregec yovin F, sed corr.  ovorijcacdar yoviav V. vv-
otijcacdar P, corr. m. 2. 2. flazrovas P.  Post siver add.
die 1o nol mécav oreeeav yoviay Dmo toidv (@) 7] TEGodQOY
boBdv yovidy meoiégecdar F. 4. dv of] yoview F, v of
add. m. 2. 6. éldrroves P, élcssovg FV. Dein add. &ore-
gay F. 7. evveroacdar P, corr. m. 2, 9. BI'] BI', I'd
b. dE] corr. exT’'E m. 1 b. 11, & dotly éx 1év dwv
taig] 87 éx Ty @y b; mg. ye. &eo fotly éxn tdv lsav.

12. ovvorjoacder P, corr. m. 2. 13. AM] 4B o. 14, 73]
supra scr. V. N4} AN BFV. 15. Post xévrooy add.
forar 39 fjror dvtdg tov AMN rouydvov 1) éml wids tov mlev-
06y avtod 7 durdg. £6Tw medregov dvrig BV. 17. Zoti] éotiv

i
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construere; oportet igitur?'), tres angulos illos quattuor
rectis minores esse [prop. XXI].

Sint dati tres anguli plani 4BI, 4EZ, HOK,
quorum duo reliquo maiores sint quoquo modo con-
iuncti, et praeterea tres illi quattuor rectis minores.
oportet igitur ex angulis aequalibus angulis 4 BT,
AEZ, HOK angulum solidum construere.

abscindantur inter se aequales 4B, BI', 4E, EZ,
HO, OK, et ducantur 4TI, 4Z, HK. fieri igitur

B E (C]
AAI' d/\z E/ -

potest, ut ex rectis aequalibus rectis 4I, 4Z, HK
triangulus construatur [prop. XXII]. construatur 4MN,
ita ut sit A= AM, 4Z = MN, HK= N4, et
circam triangulum A4MN circulus describatur 4 MN
IV, 5], et sumatur centrum eius et sit &, et ducantur
AF, ME, NE. dico, esse 4B > A5; nam si minus,
erit aut 4B =45 aut 4B< 45 sit prius 4B
= AF. et quoniam 4B = AE, et AB= BI, 5

= EM, duo latera 4B, BI' duobus lateribus 45,
EM alteruin alteri aequalia sunt; et supposuimus,

1) Nam 07 cum omnibus codicibus retinendum est. idem
1, 22 p. 62, 17 pro 8¢ cum codicibus restituendum est. nam
etiam apud Eutocium in Apollonium p. 10 in codd. d7 scribi
pro d4, nunc cognoui.

P. t7ig] corr. ex =i B. 18. {on] supra ser. m. 1 V.
19. ¢A” BF.  20. 5d4] 45 Bb. ~ 21. dvo] dvel b.
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Baeig 4 AT Bdes vj AM vxoxevar lon” yovie doo
3 vnd ABI yovie vij vao AEM éevwv loy. dw e
alre 0y xal % pdv Omo AEZ i vwd MEN éovw
toy, xel &ru 5 Vo HOK tff vmd NE A" af &oa toels
af 0 ABT, A4EZ, HOK yoviw toiol rely vmd

EM, MEN, NEA elow lea. dide of voels of
vl AEM, MEN, NJE A tévragew opdaly slow low:
xal af toeis doo of vwo ABI'y, AEZ, HOK térragew
dodaic loar &lolv. Umoxswrar 8% xal tsgodgoy -
ddv dAdodoves: Omeo dromov. ovx doa 7 AB T AF
loy éotlv. Aéym 01, (v 000t éAdrrov éotlv 7 AB
tiig A5 & pag Ovvarov, forem’ xol xslodw T piv
AB ieny 3 EO, vf} 0t BI' loy 5 EII, xol énclevydn
5 OIl. =xal émel oy Zoviv )} AB tfj BI, ion éetl
xel B FO vfj EII' dove xal Aowmyy 1 A0 v IIM
damwv lon. mapdAdniog doo oty 5§ AM tfj OII, xel
lgoyadviov ©60 AME v OIIE: Eotw dge og 1 54
neos AM, olrwg 7 EO meog OIT' évallet og o AF
ngdg O, otrwg § AM medg OIL uelfov 0% 4 AR

20 rijs SO peltov dgu xal ) AM tig OIl. &aic 1

AM wxsizaw tf) AT lon xal 5§ AT &g viig OIT pel-

2. A5 M] supra ras. m. 2 B. 8. MEN] &N in ras.
m 1PV, 6. zoi6l] loar elol To1al V. 6. M2 N] corr. ex
MNS V, MN& b. NEA — 7. MEN) mg. m. ¢ B.

6. slaw loar]) om. Vo, loow eloly Bb. all’ b, of) (alt.g
gsupra m. 2 . 7. zérgeery BF Vb, loer eloty BY. 8. xe
of — 9. slofv] mg. m. 2 V, euan. in F. 8. doa of] ol &oa
P. téoswoory V, vérgasr BFb., 9. sloww lsae Bb. 11. doriw
lon V. 13. 7] (prius) supra scr. V. 14. lov!] doviv PB, 3¢
euan. V. 15, 04 B. ioumf vy Theon (BFVDL). IIM)

in ras. V, MIT F. 16. doriv] ir ras, V. dovév] om.
V. AM) 4 in ras. m. 1 B. 17, Post AME add. zolyo-
voy comp. b. ZA4) AR F, corr. m. 2. 18. oy AM, M
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esse A'= AM. itaque erit [/ 4BI' = A5M I, 8].
eadem de causa etiam
L AEZ — MEN, [ HOK = NEA.
ergo
LABI 4+ AEZ 4+ HOK = [ A5M + MEN
+ NEA

sed L AEM+4 MEN 4 NE A quattuor rectis aequales
sunt.!) quare etiam [ ABI'+ AEZ -+ HOK quattuor

rectis aequales sunt. uerum supposuimus, eos quattuor
rectis minores esse; quod absurdum est. itaque mon
erit 4B = AJ%. iam dico, ne minorem quidem esse
AB quam 45 nam si fieri potest, sit minor. et
ponatur 50 = AB, EIT = BI, et ducatur OII. et
quoniam 4B = BI, erit etiam FO = 5II. quare
etiam A0 =IIM. ergo AM rectae OII parallela
est [VI, 2], et 4 M5 triangulo OIIE aequiangulus
est [I, 29]. itaque erit §4: A M= 50:0II[V], 4].
permutando 45 : 50 = 4AM:0IT [V, 16]. uerum
AE > 50. itaque etiam AM> 0OII [V, 14]. sed
posuimus AM = AT itaque etiam AI'> OII. quo-

1) Hoc nusquam demonsttatum est, sed facillime ex I, 13
concluditur; efr. ad I, 15 coroll.

in ras. V. wpw OII'V. ag] doa g V (F?) 7] ins.
m 2 V. 20 xe/}om. V. 4]ine. m 2F. ' BF.
Euclides, edd. Heiberg et Menge. IV. 5
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tov dotiv. imel ovv 0vo af AB, BI' dvel raig OF,
EII iear &lelv, xal Bdog 7 AT Pdeewg tijg OIT pei-
tov éotiv, yovie &go 7 vmé ABI yovieg tig vmo
OEII ueitwv Zotiv. Ompolwg 0y dsibousv, b xal 7
utv Om6 AEZ viig Ym0 MEN upelfov doviv, 7 0%
two HOK vijg vm6 NEA of &pa vosts yovia aof
vwd ABI', AEZ, HOK zoiév taw vmo AEM, MEN,
NEA upelfovés elow. dAde af om0 ABI', AEZ,
HOK recodpmv 69déy €Adodoves vmdxewwtar: moAld
dgoe af Vw6 AEM, MEN, NEA reecdgoov Soddv
éAdaoovés sloww. adde nol loow Omse fovlv dromov.
ovx dga 1) AB fdecwv fotl viig AE. édslydn 0%,
Ot 000t lon® peltwv dga ) AB g AF. dveordre
07 amd vov & enuelov T vov AMN xixdov émméde
nedg Ogdas § AP, xal @ psifdv dovi 0 dmo vijg AB
TeTgaywvoy ToU amd tiig A, fxelveo ldov f6re 1o
ano tijs EP, xal émefevydowcav af P4, PM, PN.
xol émel 1 PE d9&1 dori modg 1o 1o AMN wxdov
énimedov, xal mog éxdorny dga tov AE, ME, N5
809 éovev  PE. xel énel lon éotlv 4 AFE v 5M,
xowvyy 0% xal mpog SpPag % EP, Pdowg dpo y PA
Bacse t5j PM éovw ley. 6ie o avre 01 xal § PN
éxaréoe Ty PA, PM éovwv o of tosis coa af PA,
PM, PN ioas dAdjhoug elotv. xal éme) @ upeltov
dote T dmb tijs AB tov and tig AE, éxsive loov
Vrdxeren to amod tijg EP, 10 & ano tvig AB leov

1. Post dvo add. ¢5@eias FV., B supra scr. m. 2. 6voF]
ddo b(F?) 2. stu{ Vb, comp. F. 3. o1/ BVD, comp.
5. MEN] & inras. m. 1 P. 6. vmd] (pnus) om. V,
supra scr. m. 2 B, 7. AB, BI', 4E, EZ, H®, 6K P.
tooy — 9. HOK] mg. m. 2 V. 8. &’ FVb. 9. fidrroves
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niam igitur duo latera 4B, BI' duobus OfF, EII
aequalia sunt, et 4I"> OII, erit [ 4B > OFII (],
25]. similiter demonstrabimus, esse etiam | JEZ
> M5EN, [HOK> NEA. itaque ABI'+ JEZ
+ HOK > A5M -+ MEN 4+ NEA verum suppo-
suimus, esse

ABI' + 4EZ + HAK

quattuor rectis minores. multo igitur magis 45M
+ MEN 4+ NEA quattuor rectis minores sunt. sed
iidem quattuor rectis aequales sunt; quod absurdum
est. itaque 4B recta 45 minor non est. et demon-
stratum est, eam ne aequalem quidem esse. ergo
AB > A5, erigatur igitur in puncto 5 ad planum
circui 4 MN perpendicularis &P [prop. XII]. et sit
EP? = AB® +— A[F® et ducantur P4, PM, PN. et
quoniam P5 ad planum circuli 4 MN perpendicularis
est, PX ad singulas rectas 4%, M5, NJ5 perpendicu-
laris est. et quoniam 45 = EM, et 5P communis
est et perpendicularis, erit
P4=PM (I, 4]

eadem de causa erit etiam PN = P4 = PM. itaque
PA, PM, PN inter se aequales sunt. et quoniam
suppositum est, esse SP? = 4B?-:- A5®, erit 4B*
= A5* -+ EP®. uerum

P. 10. MXN] 5N in ras, m. 1 P. 11, slowv éldocoveg

P.  foriv] om. V. 12, dotiy P. 13. doa] éotly doa F.
aveoratw] bis b; litt. ¥ in ras. m. 1 P, 14. xvxiov]

om. @. 16. dorwv P. 16. 6] corr. ex rd m. 2 F.

17. PN] supra ser. V. 18. PE] EP B. dorv P.

éninsdov nvnlov F. 20. &M] ME corr. ex N8 m. 1 b.
22. PN] N e corr. V., 23, lon éoviyv V. 24. elal b,

corr, ex &lodv V, comp. F. 26. 6] (prius) corr. ex T F.

5*
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dari Tolg amod ToV AE, EP. roig 0t dnd vdv AJ,
E P igov derl ©6 amd tijg AP S8y pag 5 vwo ASP:
70 dgo amo tijg AB loov forl v dmo vijg PA' loy
doa 1) AB tf) PA. alde vfj utv AB iony Zotly éndery
tov BI'y 4E, EZ, H®, OK, 5} 0t PA ey éxaréon
tév PM, PN éxaory goa tvov AB, BT, AE, EZ,
HO, OK éucory tdv P4, PM, PN loy éetiv. xel
énel 0vo af AP, PM 6vel vaiy AB, BI low sloty,
xel Bagig 7 AM Paee tff AT Vndxeivan oy, yovia
doa § vmo APM pavie tfj vmd ABT detwv loy. diwe
re avta Oy xal 1§ uiv vmd MPN tj no AEZ éorw
ten, % 0t vmo APN v5j vm6 HOK.

'Ex toiév dga yovidy émmédev teav iwd APM,
MPN, APN, ot elow ioar roiel taig dodslomg Tals
two ABI', 4EZ, HOK, etsgea yovie ovvéorarar
7 meos t@ P megiegoudvy vmd tév APM, MPN,
APN povicv: omeg £0er movijoa.

Afpyue.
“Ov 0% tgomov, & ueifov éore ©o dmd tijg AB voi
and tijg A5, dxelvp loov Aafeiv éote ©o amd tig 5P,
deitousy ovrwg. éuxeledweov of AB, AF ebdsio,

1. vois 64 — 2. AP mg. m. 1 F. 3. P4] e corr. V.
4. PA] corr. ex AP V. 5. ®K] corr. ex HK m. 1B.
Ante P4 del. 4 m. 1 P. 6. Post PN ras. 8 litt. V.
7. dotiv] om. V., 8 AP] PAF. elei Vb, comp. F.
9. Ante yovix ins. xoef m. 2 V. 10. yovie] om. B; post
ins. F. 11. MNP F. lon dottv FV. 14, 7oy B.
15. ovviorarar FVD. 16. 7] om. g. 7] maut. in
6 b, zo @. to?wg tév dwé b.  17. Gwep £0st moinoar] om,
V. rwoujone] deifoe Pb, yo. mojjoar mg. b. Seq. duo casus
singulares cum demonstrationibus, u. app. Hoc lemma in
b et in textu (b) et in mg. a m. 1 (f) reperitur, add. ye.
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AP* = 45 4 EP? (I, 47];
nam [ AEP rectus est. quare 4B®— PA%. itaque
AB=PAd. sed .
AB=Bl'==AE=EZ=HO®=@OK ¢t
PA = PM= PN.
itaque
AB=BI' = AE=EZ = H® = @K = P4=PM
= PN.
et quoniam duae rectae 4P, PM duabus rectis 4B,
BT aequales sunt, et suppositum est, esse AM= AT,
erit etiam [ APM= 4BI' [I, 8]. eadem de causa
erit etiam [ MPN = 4EZ, [ APN = HOK.

Ergo ex tribus angulis planis 4 PM, MPN, APN,
qui tribus datis angulis 4BI", JEZ, HOK aequales
sunt, solidus angulus constructus est, qui ad P positus
est angulis 4PM, MPN, APN comprehensus; quod
oportebat fieri.?)

Corollarium.
Quomodo autem fieri possit, ut sumatur FP? = 4 B®
-+ A% sic demonstrabimus.
exponantur rectae 4B, A%, et maior sit 4B, et

1) Quae in codd. sequuntur demonstrationes casuum sin-
gularium, ab Euclide profectae esse non possunt. nam prae-
paratio p. 62, 14 (u. adn. crit.) omnino necessaria, si tres casus
separantur, manifesto interpolata est, neque post clausulam
legitimam p. 68, 13—17 plura addi possupt. praeterea demon-
strationes 1psae uerbosiores sunt neque apud Campanum in-
ueniuntur, neque consuetudo fert Euclidis, ut ad omnes casus
respiciatur,

obrws. 18. lﬁyp.ctg om. codd.  20. 6] om. F; add. m. 2,
sed enan. 21. delfopey P.
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xal doto pelfov 1 AB, ol yeyodgde ' avrig nui-
aixdiov 10 ABI, xal &g ©0 ABI nuvxiov Zvne-
udodw tfj AF evdele un upeltove oboy rijc AB dia-
uérgov lon 4 AT, xal émelevydo 7 I'B. émel odw
év unvxdio v AI'B yovia éotlv n vnl AT'B, dp9
dga éotly 1) Umo AI'B. 16 dga amd tijg AB ldov
éotl toig amd tov AT, I'B. dere 10 ¢md tijs 4B
100 and vijg AT petlov fove te dmo vijg I'B. loy
0t § AT v} AF. w0 &ga amd vijg AB Tov dwd Tijg
AF peltéy dovu ©é dmd vijg I'B. éew odv vj BT
lenv v EP amoddfaousy, éotar vd and vijg AB tov
and tijg AE ueiov vé anmd vig EP Gmeg mpoéusiro
moLfG0L.
%0’.

‘Edv 6tegeov vmd magalrijiov Eimimédov
meQLéynTaL, T4 amevavriov avtod émimsda lca
1e xel wagaidindiyoaupa doTiv.

Zregeov peg 10 T'AOH Umd mopaddniov Emumé-
dov meoueyéedw tév A, HZ, 4@, AZ, BZ, AE"
Adyo, Ot T amevavrlov avvot émimede 6o TE xel
magaAinAdygauud éoTiv.

'Emel pag 0vo émimeda mapaiinie tva BH, I'E
o mmédov tod AT téuverar, af xowal avradv To-

2. ATB b, el — Ruenvxliov] om. b. ABI']
AB P.  juuxdxiiov] @ . neudcfo §. 8. un pelfove
— dwpérgov] om. Bb.  4B] m. 2 P. 5. z6)] corr. ex o m.
1F. 16 ATB yovle] om.b. AI'B] B ins. m. 1 P, B in
ras. F. vxd] om. b. 607 — 6. AT B] yovia do4) oty
b. 7. év] tig b. I'B] supra ser. m. rec. P. dore]
om. b. AB] 4B édoa b. 8. peitov foti] vmegéyer P.

9. t7j] postea ins. V. 10 doa] dore vo P; v6 b.  4B] AB
&oo b, AB usitov éom P. 10. peitov Zoti] om. P. ©ijs]
m. 2 F. ddv — 13. mowfjoet] om. b. 10. BI'] corr. ex
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in ea semicirculus describatur 4BT, et in semicirculo

ABI recta AI'" aptetur [IV, 1] rectae A% aequalis,

quae maior non est diametro 4B, et ducatur I'B.
iam quoniam in semicirculo 4 BI positus est / 4T'B,

rectus erit [ A'B [III, 31]. itaque
Q’% B = A4I* 4 I'B? [I, 47). quare
_ \ erit AB* =+ AI? = I'B%. uerum AI'

4 B _ 4% itaque I'B* = AB* -+ A%
ergo si sumpserimus EP=BT, erit ¥ P* =4 B® + 4 5%,
quod oportebat fieri.

XXIV.

Si solidum planis parallelis comprehenditur, plana
eius inter se opposita aequalia sunt et parallelo-
gramma.')

Nam solidum I'4®H planis parallelis comprehen-
datur 4TI, HZ, 4®, 4Z, BZ, AE. dico, plana
eius inter se opposita aequalia esse et parallelogramma.

nam quoniam duo plana parallela BH, I'E plano
AT secantur, communes eorum sectiones inter se

1) Haec propositio parum diligenter exposita est; intelli-
gitur enim solidum sex planis parallelis comprehensum neque
pluribus, et plana, quamquam omnia parallelogramma sunt,
non omnia aequalla sunt, sed opposita sola inter se aequalia.

sV, IB BFﬁ 11. ©6] =6 .  AB peifov P. 12, pei-
¢ov] om. P. Pg P. Omsg — 13. mouijoar] om. V.

14. %3] corr. ex xq’ F. 17. mogeiinibyqoppe] magdiinia
b, mg. m. 1 yp. maguidnldyeoppa (comp) -yoauud ot @,

m. 2 add. V. éors BD, 18, ©H] corr. ex T'dH®
V, I'dH® b. 19. ZB BF. 21 wogalinia b et seq.
ras, F. -yeoppd éoniy supra m. 2 V. 22. Post #mimeda
ins. oy,owt m. 2 Iy wogaddnle] supra ras. m. 2 V.

23. réuvovrar V.
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pel magdddnlol elow. magardniog doe dorlv § AB
tj AI. mdiw, énel 0Vo énimeda mapdidnie e BZ,
AE {6 éminédov vod AT téuvstan, al xowal avrdy
toual magdidniol slow. mogdidniog &pa forlv § BT
5t Ad. #0siydn 0% xal § AB zij A" mapaliniog
negudinidyoauuoy &ou éotl to AI. Opolwg 0% del-
Eousv, Ote xal Exeerov vév 4Z, ZH, HB, BZ, AE
napadinidpgauudy oruw.
‘Enctevydwoay of 4@, AZ. xol énsl magdiiniog
10 oty N utv AB tij AT, 7, 0¢ B® zj; I'Z, dvo oy
of AB, BO® amréusvar @AMjiov mege Ovo svdeleg
vag AT, I'Z amropéves adijlov &lolv ovx v T
avre émnéde* loag Goa ywvieg meguéfovorw” oy dge
% om0 ABO yovia tfj vwd AI'Z. xal émel dvo ai
16 AB, BO dvel taig AT, I'Z l6ow slotv, xal yovie 7
tmo ABO® povig i) Omo AT'Z éoww oy, Pdog doa
N A® pacs ) AZ éovv ion, xel 16 ABO rolyavov
16 AT'Z touysve loov éorly. xel dot Tov pdv ABO
duwAdeov 10 BH magalinidygaumov, to 02 AT'Z
20 diwddoiov 16 T'E magaiinidyoaumov: leov dee 10 BH
nageAinioyoauuov v I'E negedinioygdppp. ouolng
&‘] detkopev, Gt xal to ptv AL v HZ éorwv loov,
t0 68 AE v BZ.
’Eav apa dregaov V7o uagallnlwv e'mzsﬁmv nEQL-
25 éynrat, To dmevevriov avrod émimede low TE xol
mopeAdnAdyeauud éotiv: Omep E0er dsifa.

L eloi Vb, comp. F. 2. I'd B. megddinie] om. V.
BZ] supra scr. I" b; corr. ex BI' V. 8. Téuvetan] corr. ex
véuvoyror b. 4. &lor Vb, comp. F. BI'] corr. exAI' b; B
in ras. B. 9. dome mxoallniog b. 10. 4TI corr. ex rd v,
Fdb, 18. negiégovory BF (in F corr. m.2).  15. elod Vb

N
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parallelae sunt [prop. XVI]. itaque 4B rectae 4I”
parallela est. rursus quoniam duo plana parallela BZ,
4dE plano Ar secantur, communes eorum sectiones
parallelae sunt. itaque
BT rectae 44 parallela
est.sed demonstratum est,
esse etiam A4 B rectae
Z AT parallelam. itaque
A parallelogrammum
est. similiter demonstra-
bimus, etiam singula 4Z,
ZH, HB, BZ, AE para.llelogramma esse.
ducantur 4@, 4Z. et quoniam 4B rectae 4TI,
B® rectae I'Z parallelae sunt, duae rectae 4B, B®
inter se tangentes duabus rectis 4I', I'Z inter se
tangentibus parallelae sunt non in eodem plano po-
sitae. aequales igitur comprehendent angulos [prop. XV].
itaque [ ABO® = AJI'Z. et quoniam duae rectae 4B,
B® duabus A4I', I'Z aequales sunt [I, 34], et L 4B®
= AT'Z, erit etiam 4@ = A4Z, et A ABO = AI'Z
(I,4]. e¢ BH=24BO®, 'E=24TIZ [I, 34]. ita-
que BH = I'E. similiter demonstrabimus, esse etiam
A= HZ, AE = BZ.
Ergo si solidum planis parallelis comprehenditur,
plana eius inter se opposita aequalia sunt et paral-
lelogramma; quod erat demonstrandum.

comp. F. 17. fon dovi BV b. 18. loov Zoviv: nal fovi]
om. F, hab. g. doriv] éor PBYV, comp. b. 20. BH] ¢
seq. lac. 4 litt. 21. 7o I'E napuunloygayym] om. F.

22, HZ] mut. in HE b. 24. émmidwy — 26, dsifor] xal
ta éEfg V. 26. magadlnliéyeague] magdiinie b, corr. mg.
m. 1,
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‘Edv o6vegedv magallylenimedor Emiméde
tundf wagedifle (ver volg dmevavriov émi-
nédoig, E6rar dg 1) fadig weog TNV faoiyv, ov-
Twg 10 6TEQE0Y WPOG TO GTEQEGY.

Zregeov pog magadinAenimsdov 16 ABIA ém-
wéde v ZH verpiode magediijie Svre voig amsvay-
tlov émnédoig voig PA, 4O iéyw, ot doriv og 1
AEZ® Bdeg moog v EOI'Z fdewv, otrmg 1o
ABZY ovspeov mwgog vo EHI'A oregedw.

‘Exfefiriodn yag 1 AO {9’ éndvson ta udon, xal
xelodwoay vfj ulv AE lew oeadymorodv aof AK,
KA, tjj 6t E@ loar 66aidnmoroty af @M, MN, xal
ovumeninowodeo @« 410, K®, @X, MX magaiinid-
yooauue xol te A1, KP, AM, MT otsgsct. nel émel
loow elolv af AK, KA, AE &08sior ardlong, loe
dotl xol o ulv A0, KO, AZ magalinidygapuc
adijrosg, te 08 K5, KB, AH adijlowg xal &ti e
AW, KII, AP dlisjhog’ dmevavriov pdg. O ta
avre 0 xel vo piv EL, OX, MZ mogadinibyoepue
loa elely adrflowg, ta 0% ®H, OI, IN loa &loly d&i-
Mjdotg, el Ere ta 40, MQ, NT" tole doa énimsde
tov AII, KP, AT orepeddy toiely émmédorg dotlv
lox. dAida ta Tele toel tois amevaviov éotlv lew:

1. %] »8' F. 2. mogdiinlov émlmedov Fb.
4. o%tw B. 6. mwogadlnlov émimedov Fh. T b,
10. ABZT] Z in ras. m. 1 B, 14. 40] in ras. F; corr. ex
40 m. 1b. 18. AIT] A corr. ex 4 . daM] M” 4’
b. MT]NTP, MIb. 19. AP] 4 e corr. b. 21, ta
8¢ — dilnlow] mg. m. 2 euan. F. @1I] @P e corr. b.
IN]'I"N, I cortr. ex P b. 23. éoulv] slolv P. 24. tot-
ofv’P.  Zorly] mut. in elelv b, sloiv F.
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XXYV.

Si solidum parallelepipedum?) plano secatur planis
Inter se oppositis parallelo, erit ut basis ad basim,
ita solidum ad solidum.

Nam solidum parallelepipedum A4BI'4 secetur
plano Z H planis P4, 4@ parallelo. dico, esse

AEZ® :EOI'Z — ABZY: EHI' 4.
producatur enim 4@ in utramque partem, et po-
nantur quotlibet rectae 4K, K4 rectae 4AE aequales,

¥ ir b T 4 &2 T

AR MAI 4/\
\L L

\ \ \\ \ \ \
‘l

VL
Y Valla
X d & M
rectae autem E® aequales quotlibet ® M, MN, et
expleantur parallelogramma 40, K®, ®X, MX et
solida 4II, KP, AM, MT. et quoniam 4K — K 4
= AE, erit 40 =K® = A4Z, K5 = KB = AH?)
et praeterea 4% = KII = 4P; nam inter se oppo-
gita sunt [prop. XXIV]. eadem de causa erit etiam
E'=0X=MX, GH=0I=IN, 40 = MR
= NT. itaque solidoram 4II, KP, AT tria plana
tribus planis aequalia sunt. uerum tria illa plana tribus,

T

1) Sicut in primo libro (prop. 34) post propositionem prae-
cedenti correspondentem sine definitione infertur uocabulum
naqaunlquay.pov, ita hic wagudinleninsdoy usurpatur, nomen
per se perspicuum etiam nulla praemissa definitione.

2) Nam et angulos et latera aequalia habent. ergo etiam
similia sunt.
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ro. dgo tole ovegea tee AIl, KP, AT ieo aAlijdoig
dorlv. dix ta avrva O xal ve vole evegea va EA,
AM, MT lea dAdjloig detilv: dcamdaciov doa éeriv
n AZ Paeg tiig AZ Pusswg, TvosovramAdeidv aTi
xel o AT oregedv tov AT eregsov. Ok Te avra
07 boamiaciov éotlv 7 NZ Pdeig tijg ZO Pdosng,
rogavraniaeioy ot xal v6o NT oregedv tov O ore-
ocob. xal & loy fdovlv 5§ AZ Paows vf, NZ fdee,
loov dotl xal 10 AT ovegedv v NI oveged, el &
omegéyst 1) AZ Paoig viis NZ Boccwg, vmepéys xal
70 AT ovegeov tov N oregeot, xal &l éAdeimer, €A-
Aelmer. veeodgwy O Svroy psyeddv, O0vo udv fd-
acov tov AZ, ZO, dvo 8% orsgeav vdv AT, TO,
silymran lednig moldemddowe tijs udv AZ Pdosag xal
100 AT 6vsgeov 7 v& AZ Pdeaig el T6O AT eregedy,
vijg 08 @Z fdocwg xol Tov @Y 6rvegeot 7 18 NZ
Paoig xal o N oregeov, xal 8é0eaxrar, 6te &l vmeg-
éee 1 AZ Pacig tiig ZN Pdoswg, vmepéyst xel o
AT o6repeév tov N [ozegeov], xal & ion, leov, xal
&l Adelms, éAAelmer. Eorv doa dg § AZ Pddig meds
v ZO Pdew, ovrwg 10 AT ovegeov mpég 6 TO
oregeoy” Omeg #0e Oetfo.
xs’.

ITgdg ti] dodeloy evdelq xal 1o medg v
onueio ty dodeloy dreged ywvig lony arspeav
yoviav 6verfeaedal.

1. &go] o supra m. rec. P; post ras. 2 litt. F. -ulz'a] e
corr. V. AII] KH F;supra A scr. 4 m. 1b. 2. 2ot/ BY,
comp. b, slol F. 7a] (alt.) ins, m. 2 F. 8. éotlv] mut.
in s?atv m. 1 P. 4. AZ] 4Z supra scr. ABm. 1 b,
asevranlesiov b et e corr. F. 7. dovi] supra m. 1 P.
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quae iis opposita sunt, aequalia sunt [prop. XXIV].
ergo Al = KP= AT.') eadem de causa erit EAJ
=AM = MT. itaque quoties multiplex est AZ
basis basis 4Z, toties multiplex erit etiam solidum
AT solidi 4T. eadem de causa quoties multiplex est
basis NZ basis Z0, toties multiplex erit etiam soli-
dum N7? solidi @1. et si 4Z = NZ, erit etiam
AT = N7, sin AZ > NZ, erit etiam AT > NT, sin
autem AZ < NZ, erit AT < N?. itaque datis quat-
tuor magnitudinibus, duabus basibus 4Z, Z@® et duo-
bus solidis 47, 7@ sumpta sunt aeque multiplicia
basis 4Z et solidi 4T basis 4Z et solidum AT,
basis autem @Z et solidi @1 basis NZ et solidum
N7, et demonstratum est, si 4Z> ZN, esse etiam
AT>NDT, sin AZ=2ZN, esse AT =NT, sin
autem AZ < ZN, esse AT<NT. erit igitur 4Z
:ZO@=AT: 70 [V def. 5]; quod erat demonstrandum.

XXVL
Ad datam rectam et punctum eius angulum soli-
dum construere dato angulo solido aequalem.

1) Ex def. 10, quia plana ea comprehendentia etiam si-
milia sunt bina simul coniuncta. de trinis u. pag. 75 not. 2.
de ceteris ex prop. 24 sequitur, nec opus erat, ut ibi propria
demonstratione ostenderetur, quia p. 72, 17 demonstratum est,
triangulos congruentes esse (u. I, 4), h. e. foe ve xel Spore.

8. 1 AZ] bis P, corr. m.1. 9. #6t{] supra scr. comp. m. 2 F.
AT] supra 4 scr. 4 m. 1 b, 10. NZ] Z in ras. V.

13. tdv] supra scr. m. 2 B. 3¢] corr, ex 87 m. 2 V, 37 b.
Tov] supra scr. m. 2 B. 15. AZ) corr. ex AZ m, 1 et

m 2b. 16. OT| E4, Einras. P. = 18. ZN] NZ BVb.
19. greeeod] om. BFVb. {on) foov PFV et in ras. b,
20. 7] supra scr. m. 1 P.  25. -onv e corr. m. rec. V.
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"Eetw 7 ptv dodeica ebfsic v AB, ro Ot mgog
avdry} dodtv enusiov 0 A, v 0t dodeica oregea yw-
vie 9 meos ¢ A meoeyouévy Vmo Ty vmo EAT,
EA4Z, ZAT yondv émnédov: 0:i O0n meog v AB
evdele xol T6 mEog avty onuelp ¢ A vy meds TG
4 oreged yovie lony etegeay yoviev 6veTieacdur.

Eidpdw pog énxl thg AZ vvyov oqueiov o Z,
xol Nyde 'awd tov Z émd to O vév EA, AT éni-
nedov xddevos  ZH, xal evpfeliére 6 émnéde
xore 10 H, xal éxelevydo 1 4H, xal 6vvserdte meos
t] AB #09sly xal v meds avry onuelp v A T
ptv v EAT yovie ion m vmd BAA, i 6% vmd
EAdH ien n tnd BAK, xal xelodw tff AH ion 7
AK, xal dveordieo dno tov K enusiov ¢ dix tdv
BAA émnédp mpds dpBas f KO, xal xelodw ioy
. HZ 7 KO, xal énslevydo 7 O4° Aéye, ou 4
nQog T A orepea yovin megueyoudvy vmwd oy BA A,
BAO®, @44 yovdv lon éotl vfj mpds tvd A 6reged
yovie tf) meguegopuévy vmd tov EAD, EAZ, 24T
PRVIDY.

‘Ansilipdwoay yeg l6ar of AB, AE, xol énsledy-
docev of @B, KB, ZE, HE. xol éxel 1 ZH d9pd1]
éoTi mpog TO Umoxelusvov émimedov, xal medg macag
doo Tog amvoudfveg avris evdelag xal oveag v TG
vmoxeluéve Emimédp SpPag moujse yoviag' 0pdn &ow

3.7¢] mut. in 76 m. 1 b. 4.EAZ] Z non liquet in F.
5.0 A tj AP, 9.r¢lom.P. 16 éminédm]suprascr. m.1F,

12. 34] om. F. 14. 4K] K e corr. m. 1 F.  16. 7] (tert.)
supra m. 2 P. 18, Zeviy B, corr. m. 2. Post A ras. 1 lit. B,

19. 7jj] om. Vbp. ZATI'] supra ser. m. 2 B. 21, of fooe
B, corr. ™. 2. 22 KB, ZE, HE] 2E” HE” KB’ Vb (in

HE tertia lineola add. in b); ZE, HE F uel potius ¢, in ZE
uestig. 2 lineolarum.
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Sit data recta 4B et datum eius punctum 4, datas
autem angulus solidus is, qui ad 4 positus est angu-
lis planis EAI'y, EAZ, ZAI comprehensus. oportet
igitur ad rectam 4B et punctum eius 4 angulum
solidum construere solido angulo, qui ad 4 positus
est, aequalem.

gsumatur enim in 4Z punctum aliquod Z, et a Z
ad planum rectarum E 4, 4TI perpendicularis ducatur
ZH [prop. XI], et cum plano concurrat in H, et du-

(o]

A A
y .
B
3 a

catur 4 H, et ad rectam 4B et punctum eius 4 con-

struatur [ BAA = EAI', [ BAK =EAH [I, 23],

et ponatur 4K = 4H, et in puncto K ad planum

rectarum B 4, A A perpendicularis erigatur K@ [prop.

XII], et ponatur K@ = HZ, et ducatur ® 4. dico,

angulum solidum, qui ad 4 positus sit angulis B4 4,

B 40, ® 4 A comprehensus, aequalem esse angulo so-

lido, qui ad 4 positus sit angulis EAI", EAZ, ZAT"
comprehensus.

abscindantur enim 4B, 4 E inter se aequales, et

ducantur ®B, KB, ZE, HE. et quoniam Z H ad pla-

num subiacens perpendicularis est, etiam ad omnes
rectas eam tangentes et in plano subiacenti positas
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dotly éxnarége tov vmo ZHA, ZHE povidy. ik ta
avre 01 xel éxarépe tev vmé OK A, OKB yovidy
o1 dorww. xol émel 0vo of KA, AB 8vo raic HA,
AE loa slolv éxatépo éxarépe, xal yovieg leag meoi-
éyovawy, Paeg dga 7 KB Pdee v HE loy Zoviv.
forv 0 xal ) KO tfj HZ ion xal yovieg 69ddg
meguéyovety oy doa xal ) OB tff ZE. malw émel
0vo of AK, KO dvel raiz AH, HZ loar elolv, xol
yovieg dodag mspiéyovey, faoig doa 1 A® Paost T
Z4 len deviv. ¥oru Ot xal vy AB zij AE lon' dvo
0y al ®A4, AB Vo vaigc 4Z, AE loaw &loly. xal
pdaig 7 OB Pdos vy ZE oy yovie doa 7 vmo
BA® povig vij 9nd EAZ dovww loy. O te avra
0N xal 9 Vo @A A i) Ond ZAT deriv lon [émednneo
éav amoddfuousy loag tag AA, AT xol émifevEopsy
vig KA, ©A4, HT, ZT, éxsl §iy % dmd BAA 3iy
7j Ym0 EAT éorwv loy, dv § vmd BAK 3} vmd
EAdH vndxeivar loy, Aowmy doe 7 vmd KAA Aowmy
ti] 9md HAT donwv lon. xol émsl 0vo of KA, AA
dvel taig HA, AT leow elolv, ol yovieg lGog mege-
éyovew, Paoig dox 7 KA Pace v HI' dorwv ion.
fove 0% xal ) K@ vjj HZ lon Vo 0y of 4K, KO
dvel tatg T'H, HZ slow loow xol povies dpddg
wegiéyovay: Padig doa O A Paoe iy ZI' dovwy lom.
xol Emel 0vo of @A, A4 dvel talg Zd, AT elow
loat, xal Pdog v @A Pdee vfj ZI éonwv ion, yovie
dga 1) vmd @A yavie v vmé ZAT éerw ioy).
fove 0 nal 1) Vw6 BAA <f) 90 EAT oy,

IIgos Gpa tjj doBsloy evdele ) AB xal v6 medg

3. fomu V, comp. Fb. dvo] (alt.) dvel/ Vb, 4. meqe-
{yovee PVb. 5. BKB. HEJE'H"F. {otly] om. Vh.
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rectos angulos efficiet [def. 3], itaque uterque angulus
ZHA, ZHE rectus est. eadem de causa etiam uter-
que angulus ®K4, ®KB rectus est. et quoniam
duae rectae K4, 4B duabus HA, 4E singulae sin-
gulis aequales sunt, et angulos aequales comprehen-
dunt, erit KB = HE [I, 4]. uerum etiam K® — HZ;
et angulos rectos comprehendunt. itaque ®B = ZE
[id.]. rursus quoniam duae rectae 4K, K@ duabus
A4H, HZ aequales sunt, et angulos rectos comprehen-
dant, erit 40 = Z A [id.]. uverum etiam 4B = JE,
itaque duae rectae @4, 4 B duabus 4Z, 4E aequales
sunt; et @B = ZE. itaque [ B4® = EAZ [I, 8].
eadem de causa') erit etiam [ ® 44 = Z AT uerum
erat etiam [ B4 A = EAT.

Ergo®) ad datam rectam 4B et punctum eius 4

1) Haec uerba (lin. 13 seq.) satis ostendunt, ea quae sequuntur
lin. 14—27 genuina esse non posse; huc adcedit, quod totus
ille locus perplexiore sententiarum nexn laborat, quam quo
utitur Euclides.

2) Simsonus iure uituperauit, quod nusquam demonstratum
est, angulos solidos, qui aequalibus angulis planis eodem ordine
contineantur, aequales esse. nam hoc quasi axiomate nititur

demonstratio Euclidis. saltim ad similitudinem def. 10 definiri
debuerunt aequales anguli solidi.

6. fouy PB, comp. b. 7. megiégovae V.  ion] Pdois
Vb et cpénon F). xel] om., V et ¢ (non F). ZE]| ZE
oy dotl Vb; ye. lon &ea nel ) OB fj ZE mg. m. 1 b,
8. ¢le/ Vb, comp. F. 9. mequéyover Vb et @ (non F).
10. Z4) B4 F, 42 B. &rww B. 11. 4Z, 4E] "4Z’ ZE,
supra alt. Z scr. 4 m. 1 b; litt, 4Z, Z eras. V; Zd, 4E B.
elo/ V, comp, Fb. 14, ©®44] @44, corr. m. 1 b. Z4T]
“4Z'T™F. 15. AT AT, sed corr, b. 16. KA4] AK F.
© 4] corr. ex ©4 Fb. 20. dveiv B. glotv] comp. F, elol
PVb. mequéyovorv] BF, megeégovee PVbo.  22. fomv FB.
K8 OKF. 4K] e corr. b, 24. meotégovor Vb,
26. looe elotv B, 26. ZI') I'ZF. yovie] xal yovie BFVh.
27. ©44] corr. ex @B4 m. 1 b,

Euclides, edd. Heiberg et Menge. IV. 6
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xE’.

‘Amo tijg Godelong evPdeleg v doBEvrL oT8-
0td magalinieminwédo OCpoitdy ve xal dpolwg
xnelpevov OteQedov mapaldnieminedov ava-
yodpur.

"Eote 1 piv dodeioe evPsia ) AB, ©o 0% doddy
6tesov magudindeminedov ©dO I'Ad* st 0% amd vijg
dodelong evdelag tijs AB v doPévry oreged magald-
indeminéde 16 I'Ad Suody e xal opolwg xsluevov
otepedy mogalindemwinedov avayodipar.

Zvveordre pag medg tff AB Vdele xal Te mog
atrf] onuslo e A vfj meog g I' oveged yovig loy
7 megueyoudvy vmo rév BAO, O©AK, KAB, doze
lonv slvar Ty pdv vnd BA®O yoviev ) vmd EI'Z,
vy 0% vmd BAK vjj vwd ET'H, vy 6 vmd KA®
i} om0 HI'Z* xol yeyovéro ag udv 5 EL mpog v
T'H, otrwg 7 BA mpés tv AK, wg 0 5§ HI modg
viw I'Z, ottog ) KA mgog iy AO. xal 8 ioov
doa datlv og 7 EI meog tiw I'Z, ovtrwg 1) B.A meog
i AO. xal evumeminedéde tO OB magaiinio-
yoapuov xel 16 AA evsgelv.

Kol énel éotv &g 1) ET moog vy T'H, otrag 1)
BA mpog vy AK, xal megl loag yovieg tag Umd
ET'H, BAK of mwievgal avdioydv slewv, Ouowov dgo
éotl ©0 HE mapalinidygeupov v¢ KB magodinio-

2. ovvlorarer, { in ras., V; cvvesrdro @.  moiijoac] deifor,
mg. ye. moeHoar, m. 1 Vb, 3. #{'] m. rec. F. 5. magad-
Indwemiw. corr. in mwegadinlosmim. b, qui hanc formam lin. 6
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dato angulo solido, qui ad 4 positus est, aequalis
angulus constructus est; quod oportebat fieri.

XXVII.

In data recta solidum parallelepipedum construere
dato solido parallelepipedo simile et similiter positum.

Sit data recta 4B et datum solidum parallelepi-
pedum I'4. oportet igitur in data recta 4B solidum
parallelepipedum construere dato solido parallelepipedo
I'd simile et similiter positum.

construatur enim ad rectam 4B et punctum eius
A solido angulo, qui ad I' positus est, aequalis angulus
angulis B4®, ® 4K, K 4B comprehensus, ita ut sit
LBA®=EI'Z, BAK=EI'H, KA®= HI'Z [prop.
XXVI]. et fiat

EI''TH=BA: AK, HI':TZ=KA4: 46,
quare etiam ex aequo erit EI': T'Z=BA4: 40 [V,
22]. et expleantur parallelogrammum @B et solidum 4.4,

et quoniam est EI': I'H = BA: AK, et latera
aequales angulos EI'H, BAK comprehendentia pro-
portionalia sunt!), erit HE ~ KB. eadem de causa

1) H. e. ,et quoniam aequales sunt anguli, quos latera
haec proportionalia comprehendunt“. de eo, quod inde con-
cluditur, esse HE ~ KB, cfr. uol. Il p. 1563 not. 2.

praebet. 8. e0@eie] postea add. m. 1 P. 14. yoviy
oreoed Vb, 18, taov] =dv vmé Vb, 17. iy 0¢) xal
#ze v Theon (BFVb). 18. HI'Z] litt. HI e corr. b.
v} om. FVbh. 19. HT) 'H Vb, 21. 'E P,
Zzr P 22. ®B] Pb et corr. ex ®©I'm. 1 V; BO B et
ut uidetur F (HE o). 23. 44] in ras. V, 44b. 24 3]
(prius) supra m. 1 F. =gy TH] mg. m. 1V, T lith. e corr.
b. 26. af] xal comp. b, xaf corr. in af V. Ante aea eras.
y m. 1P 27. douiv P. KB] litt. B e corr. b. nog-
ailnioyedum P,

6*
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podupw. Owx T avve O xel ©0 piv KO mepadinic-
yoaupov 6 HZ nagaldnloypduue Ouoidy fore xal
& 10 ZE t¢ OB toln dga mupaAinlopgeppe tov
I'4 evegeov zoiol mapadinloypaupors tov AA oze-
oeo¥ Suoid deTw. alda To udv Telx TELGl TOlg amevav-
tlov loe € Z6vi nal Oporx, v 0 tele Toiel TOlg
anevavriov loa ©é€ ot xal duowe’ SAov dea to I'd
0te0e0y GAp te AA oteped Suowoy detuv.

And tijs dodelong dpa evPeleg g AB'vH do-
dévr oveeeqd mogadiniemnédo v I'd Guowdv Te xal
opolwg xslpsvov dvayéygemrar t0 AA* dmep e
RmoLfjoat.

%’

'‘Eav 6repedv mapaldnieminsdov Emimédo
Tundy xera tag drayoviovs Thv dxmevavtiov
dminédov, diya Tund1eeTas 10 61600V VRO TOD
émimedov.

Zregedv pog mapaddnieminedov to AB émméde
v T4 EZ tevwiodo xeve tag duzpoviovs tdy amev-
avriov émnédov tag I'Z, AE* Aéyw, vt diye tundqy-
oetar 10 AB o6tepsov Umo vov 'AEZ émimédov.

’Enel yoo leov éori v0 pdv 'HZ zolyovov td
I'ZB vouydve, ©6 08 AAE vg AE®, &t 8% xal To
ptv I'A magediniépeeuuov v EB loov' dmevaviiov
ydo* ©0 08 HE ¢ I'®, xal vo molope &oo ©o meQL-

1. pév] mg. m. 1 V. 3. 7ov] mg. m. 1 V; ante hoc nocab.
rep. lin. 2. Gpoiéy — 8. tod, sed delet. m 1V. 4 Tooly B.
6. re] om. P. 7o 8¢ — 7 duore] punctis del. b, del. m.
2B, om. FV. 6. tewsiy P. (23 Jofelsr.¢ Theon (BFVb)
12. woifjoae] deifer PFVb; 19 mosijgee mg. m. 1b.  13. 18’
F. 1s. -47- 10 ras. m. 1 P, 21 vwe tov Ir4 in ras, m. 1
23. I'2"B’ Vb. fouv P. xal} xel @g P. 24. BE F.



ELEMENTORUM LIBER XI 85

erit etiam KO ~ HZ et ZE ~ @B. itaque tria par-
allelogramma solidi I'4 tribus parallelogrammis solidi
A A similia sunt. ue-

4 rum in utroque so-
b4 41 lido tria parallelo-
@ gramma tribus,
quae iis opposita
sunt,aequalia')sunt
_ o 4 B ¢t similia. itaque

I'd ~ 44 [def. 9].

Ergo in data recta 4B dato solido parallelepipedo

' 4 simile et similiter positum constructum est 4.4;
quod oportebat fieri.

XXVIIL

Si solidum parallelepipedum secundum diagonales
planorum inter se oppositorum plano secatur, solidum
plano in duas partes aequales secabitur.

B z Nam solidum parallelepipedum
AB plano 'dEZ secundum dia-
® gonales planorum I'Z, 4 E inter
§ Se oppositorum secetur. dico, so-
/ lidum 4B plano 'JEZ in duas

4 4  partes aequales secari.

Quoniam enim I'HZ = I'ZB et A4E = AE®
(I, 34], et praeterea I'4 — BE (nam inter se oppo-
sita sunt) et HE = I'® [prop. XXIV], prisma duobus

1) Ex prop. XXIV. cur eadem similia sint, supra dictem
est p. 77 not. hoc solo utitur; nam ut adhibeatur def. 9,
gatis est demonstrare, duo solida omnibus planis similibus
contineri.
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syouevov vmo 0vo wiv vouywveyv tvdv T'HZ, AAE,
Touv 0% magadinloyoeppwv tév HE, AT, T'E igov
dovl T molopars t@ megueyoudve Vmwd Vo ulv ToL-

“yevov tév T'ZB, A E@, touov 0t magedinioyeduuny
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tév I'@, BE, T'E* {md pag lowv émnédov meoiéyov-
sa v@ ve wAndel xol vé peyede. ore odov o AB
otsps0v Olye TéTunror vwd vov TAEZ émnédov omeg
&0s Osikou.

%29’

Ta énl tijg avrijs fddewg Ovra drspsd mapQ-
aAAnisxinede xal Vmd TO avTd VYog, GV al
dpesardenr xl Tav avtdy &loy eUPsidy, T6a
aliniois éaviv. )

"Eotw énl tiig avrilg Pdesws viig AB ovspsa mag-
aliqheninede ve I'M, I'N Ono tl adtd vpog, ov af
épeordioas of AH, AZ, AM, AN, I'4, TE, B@,
BK énl tév alrdy svdeady éerocey tdy ZN, AK-
Aéyw, ot loov éovl 10 I'M otegeov t9 I'N oreged.
 Emsl pag mogeddnAdygepudy fotv éxdregov tiv
I'e, T'K, ien dotiv 7 I'B éxarépe tédv 40, EK
dete xal ) 40 tvfj EK dotwv lon. xowr appeiode
7 E® lomy dga 7 AE Aowmii v OK éorwv ley.
wote xal ©0 piv ATE tolyovor td @BK zouydve
loov dovlv, ©o 0t AH maguldnidygappov vé ON
nagalinloyeduue. 0w T ebra Of xal v0 AZH vol-
yovoy ©@ MAN toiyeve loov forly. é&ore OF xal

1. vépveron BF. 9. 1y’ F. 15. 9mé] v- e corr. m.
2 b, 16. AH] e corr. b, 4Z BFV, AZ] AH BF et
e corr, V. 20. I'B] BI' F. 23. ®BK]©®B"K" F, OKB

V- N
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triangulis "'HZ, AAE et tribus parallelogrammis
HE, AT, I'E comprehensum prismati duobus triangulis
I'ZB, 4 E® et tribus parallelogrammis I'®, BE, I'E
comprehenso aequale est; nam planis et numero et
magnitudine aequalibus comprehenduntur [def. 10].%)
quare totum solidum 4B plano '4JEZ in duas par-
tes aequales sectum est; quod erat demonstrandum.

XXIX.

Solida parallelepipeda in eadem basi collocata et
eandem altitudinem habentia, quorum rectae eminentes
in iisdem rectis sint, inter se aequalia sunt.

In eadem basi 4B solida parallelepipeda I'M, I'N

collocata sint eandem alti-

A‘ ]i\u R tudinem habentia, quorum
z x rectae eminentes 4H, AZ,
\\P AM, AN, T'4, TE, B®,

B{ BK in iisdem sint rectis
ZN, AK. dico, esse I'M
=TI'N.

Nam quoniam utrumque I'®, I'K parallelogram-
mum est, erit I'B utrique 4@, EK aequalis [I, 34].
quare etiam 4@ = EK. auferatur, quae communis
est, E@. itaque JE = @K. quare etiam

ATE = @BK [I, 4] et Z#4H=0N [I, 36].
eadem de causa erit etiam AZH = MAN. uerum

A

1) Cum hic nihil ad rem pertineat, quod parallelogramma,
quae solida comprehendunt, et ipsa solida eadem similia sunt,
parte sola definitionis 10 usus est Euclides.

e corr. V. 24. éotl/ PB, comp. Fb, dotiy, 10] éone 14,
corr. ex dorwo V.  25. AZH] 4HZ BF.
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0 udv I'Z mogadlnioyoapuov v@ BM magaiinio-
yodpue Idov, to 02 I'H v¢ BN dmevavviov pdp
xal 0 molope doo TO mepeydusvoy vmO Ovo ulv ToL-
yovoy vév AZH, ATE, toudv 8 magelinloyeap-
pov tév 44, dH, TH isov éorl 16 mpiopan T
meguegopéve  Umd O0vo udv touydver tdv MAN,
@BK, toudv 6% megadinlopypduuev tov BM, ON,
BN. xowov mgooxelodw t0 otegedv, ov Pdoig pdv
10 AB megaiinddéygaupov, anevavriov 0t vo HE@M:
8iov &pa ©o I'M ovegedv megadindenimedov Bie T
I'N otepee magalindemniden ldov doriv.

Ta &oo éml tijs avrijs Podeswg Ovva Oregea mwog-
eAAnhemimeda xal DwO T0 avTd tpog, oy of épseT@ont
inl tov adtév slow cdPadv, lea alijloig deviv:
Omzo &0er Osifou.

x.

Ta éml tijg avrijg fodewg Ovra 6160 mWaQ-
addnienineda xal Vxd TO avTo UYog, dv af p-
cardoal ovx sl6ly éxl 1oV avTtdY eVdaidy, o
aidrfdocg doziv.

*Eero énl vis avriig Pactog g AB ovegsa map-
adindenineda ve I'M, I'N vmo ©d avrd Tyog, ov of
épsardoar ol AZ, AH, AM, AN, I'd, TE, BO®,
BK un éotwoav énl tdy odrdv sbdaev' Adyw, Ot
loov éotl to I'M erepeov tép I'N oreped.

‘Exfefiiiodwcoy yep of NK, 40 xol evpminré-

2. ©6] corr. ex ¢ m, 1 F. 3. u¥v vmé Sdo Vh.
4. ATE] 4ET B. 5. TH] HI' V, et supra ser. m. 1,
corr. in 'H m, 2 b. 6. MAN] N e corr. V. 7. ToY
sustulit macula in V, supra est 6 add. » m. 2. ON] N

BF et e corr. V. 9, 7o HEOM] mg. (addito y¢.) b; in texta
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etiam I'Z = BM, 'H = BN [prop. XXIV]; nam inter
se opposita sunt. itaque etiam prisma duobus trian-
gulis 4ZH, AT'E et tribus parallelogrammis 44,
4H, I'H comprehensum prismati duobus triangulis
MAN, @BK et tribus parallelogrammis BM, &N,
BN comprehenso aequale est. commune adiiciatur
solidum, cuius basis est 4B parallelogrammum, ei
autem oppositum HE®M. itaque I'M = I'N.

Ergo solida parallelepipeda in eadem basi collo-
cata et eandem altitudinem habentia, quorum rectae
eminentes in iisdem rectis sint, inter se aequalia sunt;
quod erat demonstrandum.

XXX.

Solida parallelepipeda in eadem basi collocata et
eandem altitudinem haben-
tia, quorum rectae emi-
nentes in iisdem rectis non
sint, inter se aequalia sunt.

In eadem basi 4B so-
lida' sint parallelepipeda
I'M, ’'N eandem altitudi-
nem habentia, quorum rec-
tae eminentes 4Z, AH,
AM, AN, T'4,TE, B®,
BK in iisdem rectis non sint. dico, esse I'M = I'N,

producantur enim NK, 4@ et inter se concurrant

ras. est. 10. orege- in ras. m. 1 B. 11, ’'N] N e corr. F.
éo3¢ V, comp. Fb. 16, 1] em. . 21, formoay BFV.
neoaddnle énineda F.  22. of] supra scr. m. rec. P.
26. NX] N e corr. m. 2 D,
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rodey aidjhasg xate 10 P, xol ¥ri éuPefirjedwoay
aof ZM, HE énl e O, II, xal émstevygdwoay of AKX,
AO, T'Il, BP. lgoy 01} éove ©d I'M orepsdv, ov Pdaig
udv 1¢ A T'BA megadinidygapuov, dnevavriov 8% o
8 ZAOM, v$ I'O oveges, ov fdaig udv v0 AT'BA
wagadlnidygaupor, dxsvavriov 0 vo EITPO" énl ¢
yog Tiig avrig Piesds slor tiig AT'B A xel ¥mo 16 avTd
Tpog, ov of épeordous of AZ, A5, AM, 40, T4,
I'Il, BO, BP énl vov atrdy slow sdacy vov Z0O,
10 A4P. dAde vt I'O otsgedv, ov Pdoig pév éoti o
AT B A mogadinidyooppov, axsvevriov 6t o EI1PO,
loov Zetl 1 I'N ovegedi, o fdeig pdv 10 ATBA
negadinidypepuoy, drevaveiov 0t vdo HEKN® éxl ts
pag medw Tig avris Pdosdg &lor vijg ATBA xal
16 Dwo t6 adro Tyog, Ov of ipeovdoar of AH, A5,
I'E, I'll, AN, 40, BK, BP nl vav atrav slow
evdady tov HII, NP. dove xel v0o I'M oregeov
loov éotl v I'N oreged. )
Ta ago éxl vijs avris Padewg ovsgse mapaiini-
20 emlmedo xal vmo TO adrd Vyog, wv al dpsordoar ovx
slolv énl 1év avrdv evdadv, lea ailijlog deriv:
Omeg &0 Ostiar.

3. ot P. 6. ZAOM)] 4 e corr. b, ZAMO F?, sed
M6 euan.; corr. in mg. Pro 76 ZJOM in B est vo EIIPO,
sed del. 0 ZJOM — 6. SITPO] mg. m. rec. B. 5. AT'B
B. 6.7¢] eras. V. 7. dome comp. V. AI'BA] 4 e corr,
gupra scr. A m. 1 b, xel Dwd o wvrd vog] August; om.
Pg; xel BVD, 8. dv] om. @; edrdy B et corr. ex edréy
oy m. 2 V; adrdy ov b. AZ] corr.ex 45 m. 2 V.

9. I'll] T, sed T ¢ corr. m. 2 b; 'E P, sed corr. m. 2 euan.
10. uév] om. B, supra add. postea m. 1F. Zoze] om. FVD,
11. ATBA] C'in ras. m. 2 B. FI"OP' V, EIIP' O’ b.
12. pév] om, P. piv ©6 ATBA] om. . 13. éxn{] corr.
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in P, et praeterea producantur ZM, HE ad O, II,
et ducantur 4%, 40, I'll, BP. itaque solidum I"M,
cuius basis est parallelogrammum 4I'BA, ei autem
oppositum Z 4@ M, aequale est solido I'O, cuius basis
est parallelogrammum AI'BA4, ei autem oppositum
S IIPO; nam in eadem basi sunt 4I'B 4 et sub eadem
altitudine, et rectae eorum eminentes 4Z, 45, 4 M,
40, I'd, I'll, B®, BP in iisdem rectis sunt ZO,
4P [prop. XXIX]. sed solidum I'O, cuius basis est
parallelogrammum 4 I'B A4, ei autem oppositum £ II PO,
aequale est solido I'N, cuius basis est parallelogram- -
mum 4I'B A4, ei autem oppositum HEK N; nam rursus
in eadem basi sunt 4I"'B4 et sub eadem altitudine,
et rectae eorum eminentes 4H, 45, I'E, I'll, AN,
40, BK, BP in iisdem rectis sunt HII, NP [id.].
quare erit I'M = I'N.

Ergo solida parallelepipeda in eadem basi collocata
et eandem altitudinem habentia, quorum rectae emi-
nentes in iisdem rectis non sint, inter se aequalia
sunt; quod erat demonstrandum.

ex éwelV. 14.mdliw] om. BF.  xel vmo t6 adrd tyog] August;
om. PF; naf BVD. 15. &v] adtdy B et corr. ex atzdy ov
V; adto ovb. 16 'MTje corr. m, 2V, I'"II'b. AN| N
ecorr.m. 2 V. 19 tijs avrig fecsns orseed] P; 7. a. f. Svra
oteoed in ras. V, wijs avriis facewg b; lsov fdesov oreeed BF
et mg. Vbem. 1, 20. ai] xaf P, supra scr. of m, 2.

21. ettév] om. F.  Zeulv] eloiv BF.
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Aa’.

Ta éxl l6ov Bdesov Svta 6Ts0eq maugaddyi-
smimeda xal VWO TO avrd UPog l6e dAAflosg
éeriv.

"Eotw éxl loov feesov tév AB, I'd orvegex nop-
aAdyieninede ta AE, I'Z ¥mo ¥6 atrd tipog. Aéyw,
8t lgov dotl 10 AE oregeov ve I'Z oveged.

"Eetweav 87 modregov ol épsoryxviar of @K, BE,
AH, AM, OIl, 4Z, I'E, PX ngdg dpBag tais AB,
I'd Baesowv, xal éxfefiiodw éx’ ebdeiag vy I'P.,

“evdele ) PT, xal ovveordto meog vy PT svdela xol

15

20

26

6 meog avvi] enuele té P tfj 9mo AAB yovie ey
% vmo TPY, xel xel6do tf ptv AA ey v PT, 5
0t AB ien n PY, xal 6vuneminpnodw 7 te PX Pa-
6 xal 70 PP oregedv. xal émel dvo of TP, PT
dvel taig AA, AB lear eloly, xal yoviag leag megi-
égovewy, loov e xal oporov to PX magaAinidyeou-
pov td @A magalinioyoiuue. xol énxel mdiw len
ptv 9 AA vy PT, 5 0% AM vf P, xal poviag
doBag meguéyovey, loov doa xnel Spoidy é6ti 1o PW
negaAinAdyoeuuov té A M mageiinioyodupem. Ok T
avra 0 xal ©o AE t$p Z T loov ©€ éove xal Guoiov’
Tola dpo magadinidyoaupe tov AE 6rsgeov roiol
rwapaddniopoduporg tov WY oregeov lea té fote nal
Suoix. aAde Ta pdv tple touel Toig amevawtlov i6a

1.1«'} om. . 5. ABJ4 ecorr.b. 7. 4E] E e corr. b.
9. PX) Zecorr. B. teig] e corr. m. 2B, 4B] 4 e
corr. b. 10. fdosar Vb Dein add. B: 5 8} 9mé 44B tj
9o T'Pd &wogos. 7] vijg Fb. 12. 44B] 4 e corr. m. 2 b,
13. 44] corr. ex HA et m. 1 et m. 2 b, 14. B4 F.
16. A4] ut lin. 18 b,  &lo BVDb, comp. F. 18. ®4] © ¢
corr. b; 40 F, et V, corr. ex ©4. 19. piv 7] 5 uéy
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XXXIY)

Solida parallelepipeda in aequalibus basibus collo-
cata et eandem altitudinem habentia inter se aequalia
sunt.

Solida parallelepipeda 4 E, I'Z in aequalibus ba-
sibus 4B, I'4 collocata eandem altitudinem habeant.
dico, esse 4E = I'Z.

Tam prius rectae eminentes ®K, BE, AH, AM,
OIl, 4Z, I'E, PX ad bases 4B, I'4 perpendiculares
sint, et recta I'P in directum producatur, ut fiat PT,
et ad rectam PT et punctum eius P angulo 44B
aequalis construatur [ TPT [I, 23], et ponatur PT
= Ad, PY = AB, et expleantur basis PX et solidum
¥T. et quoniam duae rectae TP, PY duabus 44,
4B aequales sunt, et angulos aequales comprehendunt,
parallelogrammum PX parallelogrammo @ 4 et aequale
et simile est [VI, 14]. et rursus quoniam 4.4 = PT,
AM = PZX, et rectos angulos comprehendunt, paral-
lelogrammum P¥ parallelogrammo A4 M aequale et
simile est [id.). eadem de causa etiam 4E parallelo-
grammo X1 et aequale et simile est. itaque tria
parallelogramma solidi A E tribus parallelogrammis
solidi Y et aequalia et similia sunt. uerum in utro-

1) Prior ﬁg.a huius propositionis ita prorsus descripta
est, ut in cod. P inuenitur, in quo in mg. add. m. 1: yo. &
&Mows ,y (id quod ad litt. sine compendium & referendum est),

nigi quod solidum-4E ibi non satis adcurate descriptum hic
emendatum est.

AA) A e corr. b, 21. AM] 4 e corr. b. 22 ZT] T in ras.
B.  23. re tyle F. 24, fonv P. 26. wév] supra scr. F et
m. 2 B.  dmevevriovr F.  Ante loe in b o 3% zole ToLel tois
vrevaveloy (v corr. in ¢ m. 1) del. m. 2.

&
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7€ dote nol Sporer, Ta O} Tolw TQLEL TOlg AmMEVaVTiOV
6lov dgo 10 AE oregedv magalinieminedov Siep vg
WY oreoedd magalinleminido loov éoriy. Oujydweay
ol 4P, XT xal evumnrérwoay aAijlaig xare 16 L2,
#el Oia tov T vfj 48 magaddnlos fixde v o« TY, xol
xPefinodo  Od xave v o, xel GvumemAnewodo
e QW, PI oveged. loov 07 ot 1o TR 6regedv,
ov Pdeig uév evi ©6 PW megaddnidyeeppov, dmsv-
avtiov 0% 10 g, 16 FYT orsgec, ov focig pdv o
P¥ nagalinidygappov, dmevevriov 0t vo Td" éxl
ve pag vig avrig Pdosdg elor tiig P¥ xel Omo 1o
abtd Dyog, dv af épeorco of PR, PT, T, TX,
25, X6, g, T énl 1év avrav slew sbdady tov
QX, ¢®. dire v0 WY orvegeov 16 AE doniv loov:

1. 7o 8% tole — dwevaytiov] om. BFVD, 2, oteQeoy]
bis P, alterum del. m, 1, sed renou. w. 3. {oz{ PBV, comp.
Fb. 4. 4P] e corr. V. 5. 4] 4 e corr, V. ,aT%]
©9) post ras. 1 litt. FV, :9) B, eras. 9, 1z¢ b, v mg

m. 2. 6. ,a] corr. ex 1 m. 2b. 9. g B, eras. q,mg
corr. m. 2. 10. T®] e corr. m, 2 b. 11. elot] comp. in
ras V, corr. ex fote b; eloww B. 12. dv] PFVb, xal avTdy

B; yp nol adrov nel (comp) mg. b m. 1. of] (a.lt) om. B.
%b 9 in ras. FV, e corr. m. 2b. TX] in ras. V, ras.
4 litt, 18. Zs] in’ ras. V, ot F. Z‘og oo P ¢ F, supra
scr. an m. 1; oy in ras, V et corr. ex &y B; oy’ 'b (y e cort.).
{)q e corr. b, 14. i) post ras. 1 litt. b; corr. ex

7o m. 1
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que solido tria parallelogramma tribus, quae iis oppo-
sita sunt, et aequalia et similia sunt [p. 77 not. 1].

itaque totum solidum parallelepipedum AE toti so- °

lido parallelepipedo T aequale est [def. 10]. edu-
b4 z 7

\,

cantur 4P, XT et inter se concurra.nt in &, et per
T rectae 4K parallela ducatur @ T, et producatur
04 ad ,a, et expleantur solida Q¥, PI. itaque solidum
TR, cuius basis est P ¥ parallelogrammum, ei autem
oppositum g, solido ¥, cuius basis est P¥ par-
allelogrammum, ei autem oppositum T'®, aequale est;
nam et in eadem basi sunt P¥ et sub eadem altitudine,
et rectae eorum eminentes PR, PP, TY, TX, Zs, X9,
Py, PO in iisdem rectis sunt L X, s [prop. XXIX].
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xal ©0 TR dga ovsgeov 19 AE oveged éoviv lgov.
xal émel loov dorl vo PTXT magalinioyoepuov te
QT magudindopedppe: émi te yap tis avris Bdcsg
&ler tijs PT xol év talg avrals magaiijiow vals PT,
QX dida 0 PYXT w6 I'd éonv igov, émel xol
v AB, xel 70 QT doa megalinioyoaupov vep I'd
dorwy l6ov. &Ado 0% ©o AT doww dga ag n I'd
Béaig mog Ty AT, otwwg § QT nedg vy AT. xel
émel orepeov magadindemimedov vo I'I émumédp v PZ
rérunrar wegadijie Svre tolg dmevevriov mmédous,
forwv @g N I'd Pdeig meds v AT Paewv, ovrmg*
0 I'Z orvepedv mpds t0 PI ovegeov. dun ta adra
07, émel oregeov magadiniemimedov v0 QI émimédo
©66 P vévunror megaddijio Svi voig amsvevriov éxi-
wédoig, Eotv g 5 QT Poeg meds v Td Poew,
otreg 0 QW orsgedv medg vo PL. ¢l g 7 I'd
Bieaig medg Ty AT, ovrwg § LT meos iy AT xal
og dga 0 I'Z eregeov meds ©o6 PI evsgedv, ovtwg
70 Q W orspeov meog to PI. éxdregov dga tdv I'Z,
QW erepsiv medg ©o PI tiv avrov &ys Adpov: ldov
doo fotl ©o6 I'Z 6vegsov 16 QW oveges. alda 1o
QW 16 AE #siydn leov: xel 10 AE doa v I'Z
éotwv loov.

My é6rmoayv 07 of éq;e&mnvtm af AH, ®K, BE,
AM, T'N, OIl, AZ, PX mgog é¢dag vais AB, I'd
passowy: Aéyw mdlw, otr leov 10 AE 6regeov to

2, PPXT] T e corr. b. 4. eloiv B. PT] (prius) PI" B,

6. loov doriv BF. 6. 4B Aecorr. m.1b. QT]Te
corr. m, 2 P.  doa)] supra scr. m. rec. B, 7. I'd] AT F;
“4'TVb. 11. o%te PB. 12, 76] (alt.) e corr. F. 13. QI]
ITadd. m. 2b. 15 Td] T e corr. m. 2 P.  16. 0¥t B.
d@il’ &g — 19. PIJom. F. 17. QT fasig P. JT]inras. V;

- N
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uerum ¥ = 4 E. itaque etiam ¥R = AE, et quo-
niam PPXT=QT (pam et in eadem basi sunt PT
et in iisdem parallelis PT, QX [I, 35]), sed PPXT
= I'4, quoniam PPXT = AB, erit etiam QT=1I4.
aliud autem quoduis est 4T. itaque '4J: AT =8QT
:dT [V, 7]. et quoniam solidum parallelepipedum
I'T sectum est plano PZ parallelo planis oppositis,
erit T'4: AT =TIZ: PI [prop. XXV]. iam eadem
de causa, quoniam solidum parallelepipedum &1 sectum
est plano P ¥ parallelo planis oppositis, erit QT : T4
= QP :PI[id). sed'4: AT=QT:4T. quare etiam
I'Z: PI=Q%: Pl itaque utrumque solidum I'Z, Q¥
ad PI eandem rationem habet. quare I'Z = Q ¥[V,9].
uerum demonstratum est, esse & ¥ = 4 E. quare etiam
AE=TZ.
lam rectae eminentes 4H, ®K, BE, AM, I'N,

OIl, 4Z, PX ad bases 4B, I'd perpendiculares ne
sint. rursus dico, esse 4E = I'Z. ducantur enim a

T4 B; "T'4b,  19. PI) Ieuan. V. Dein add. o7z e6v Theon |
(BFVb) 20. azsgsov , €OIT. M. Tec. 1éyov &ya B.

21. dotlv P. 6] (alt.) mut. in 76 b; zé BV. 22, Q9]
& e corr. b. 7] mut. in 6 b, 76 BV ovtas év dllo mg.
m. 1 Vb. 23, foov éorty Vb, Dein add. onsp #de ekt
PFVb. 26. ’'N] N in ras. V. 26. fdosor b et supra
ser. m. 2 V. {eov éot{ Theon (BFVV).

Euclides, edd. Heiberg et Menge. IV. 7
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I'Z orepeip. Tjyfwdayv peo amd véov K, E, H, M,
II, Z, N, X enuelov éml 16 vmoxelusvor émimedov
xederor of K5, ET, HY, M®, IIX, Z¥, NQ,
21, xal ovpfaiiéracay t6 Emmédeo xate Ta F, T,
T, ®, X, ¥, &, I enusia, xal énslevydooay af
5T, ET, T®, T®, X®, XQ, QI, I¥. lsov o
dore 10 K@ evegeov v I1I aregecs: émi te pag ldov
pacedv eloe vy KM, I1X xel Omd 6 avtd vyog,
ov al {peorioul meog deddg eloy Taiz fddeoty. ddAe
70 utv K@ orepeov t6 AE ovegeds omwv loov, 1o 0F
IIT v I'Z éni ve pog vijg avrije Pdoewdg &lor xal
OmO 1O avrd Tyog, dv ol épsordcar ovx &lew éml
oY adrov svdaey. xol v0 AE dga ovegeov té I'Z
oregegy éorwy leov.

Ta doa éml lowv Pdosov Svia ovcpee magadini-
smimedo nal Owd 1O avrd Uyog loa aAdjlog doviv:
Omeo &0z Oeibos.

8.

Te Uno 16 adrd UPog Svra 6regea magal-
Aniemimeda moog GAAnAd 0Ty dg al Pfdacss.

"Eote Um0 10 oavtd UPog oregea magodindemimedo
ta AB, I'4* Aéyw, 8t @ AB, I'd oregse magalini-
emlmede mdg &AAnAd dovww g of Pdoeg, TovréeTiw
8v éotly dg ) AE Bdeig medg v I'Z Baow, olrag
t0 4B oregedv mgog to I'd aregedv.

2. IT] e corr. b. N]in ras. V. 3. K5] KZF; 5 in
ras, V. IIX] II in ras. m. 1 P. NQ] N in ras. V.
4. ZT P. avpforitmcoy V. %] in ras. V. T, Th.
5. onueloe B, @ inras, 6. FT] Finras V. ET] Fin
ras, V; TOF. TP ETF. IF]Q¥Db. 7. K] & e corr.
V. 8 IIZ] corr. exJIEm. 1 b.” ond] é=l b; corr. mg. m,
1. 9. glav B. 11. glow P. 12, 9md] éal b; corr. mg,
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punctis K, E, H, M, II, Z, N, £ ad planum subia-
cens perpendiculares K5, ET, H?, M®, IIX, Z%,
N&Q, 21, et cum plano in punctis 5, T, T, &, X,
¥, Q, I concurrant, et ducantur 5T, 57, 70, TP,
X¥, XQ, I, I®P. iam erit K® = III; nam in
aequalibus basibus sunt KM, IIX et sub eadem alti-
tudine, et rectae eorum eminentes ad bases perpen-
diculares sunt [per priorem partem huius prop.). uerum
K® = AE, Il =I'Z; nam et in eadem basi sunt
et sub eadem altitudine, et rectae eorum eminentes in
iisdem rectis non sunt [prop. XXX]. itaque etiam
AE=T2Z.

Ergo solida parallelepipeda in aequalibus basibus
collocata et eandem altitudinem habentia inter se
aequalia sunt; quod erat demonstrandum.

XXXII.
Solida parallelepipeda, quae eandem habent alti-
tudinem, inter se eandem rationem habent quam bases.

u// 7r7)

Sohda parallelepipeda A B, I' 4 eandem altltudmem
habeant. dico, solida parallelepipeda 4B, I'4 ean-
dem inter se rationem habere quam bases, hoc est,
esse AE:T'Z=A4B:I'4.

m. 1. 13. oregeoy doo b. 11. loov Zguly V. 18. 18’}
om. ¢. 19. mogolinloswineda, eras. o, V; item lin. 22,
21. magedintoeninede V, ut p. 100, 3, 6, 23. dotiv] om. .
poeis] om: FV. 25. cregsév] (prlus) om. V.
v *
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Hagafefiriodo yeo mupe tqv ZH t6 AE icov
70 ZO, xal dnd Pdcewg piv vig ZO, tpovg 0% rod
avtot 19 I'd oregedv magaiinieminedov cuumenin-
owcdw vo HK. loov 01 ot ©o AB oregsov t¢9 HK
ore0ed’ énl te yap lowv Pocedv elor vov AE, 26
xal UmO O avro TYog. xal émel oregedv megadini-
eninedov 16 I'K émnédo vd 4H vérunror magaiijio
Svri volg dmevavtiov immédoig, éovv dga wg 7 I'Z
Bdag meds v ZO Pdoww, ovrwg vo I'A eregsov
meog 10 A@ ovegedv. lom 0% 1 uiv ZO Paeis ti
AE face, ©6 08 HK 6regeov 16 AB otepets éoriy
doa xal &g 7 AE fdeig medg v I'Z Pdew, otrwg
20 AB ovegeov mpdg v6 I'd erspeov.

Te &ge vmd TO avrd Tyog Oovra 6Teoed magaAdni-
emimeda moog &AAnAd oy g af Paceig Omeg é0a
detéas.

Ay’

Te Guotex 6TeQed magadinleninede weog &A-
inie év roumiacdiove Adyp &lol tdv Gpoidyny
nlEevoav.

"Eote Suote 67e0ss magarlnleninsdo va AB, I'd,
oudlopos 0% éovw 7 AE 15 I'Z° Adyw, 81t 10 AB
oTe0edv mog vo I'd oregedv roumlaciova Adyov éye,
7imeg 1| AE modg wiv I'Z.

‘ExBefiicfooay yio én’ ebdsleg taig AE, HE,
OF ol EK, EA, EM, xal xel6do vf ptv I'Z log 5
EK, tjj 0 ZN loy v EA, el v vf) ZP ioy 7 EM,
nol ovumendnewode to KA megodinAdyoeupov xel
to KO ovegeov.

3. 7¢) o post ins., evan. F; supra ser. V. T oaa ovu,
b. 4.4cvw P. 5. 7] om. b, ¢lot] éove B, om. FV.

L]
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nam rectae ZH parallelogrammo 4 E aequale ad-
plicetur Z® [I, 45], et in Z@® basi, altitudine autem
eadem, qua I'd, solidum parallelepipedum expleatur
HK. erit igitar 4B = HK; nam et in aequalibus
basibus sunt 4 E, Z® et sub eadem altitudine [prop.
XXXJ]. et quoniam solidum parallelepipedum I'K
sectum est plano 4 H parallelo planis oppositis, erit

IZ:Z@ =1TI4:40 [prop. XXV].
uerum Z® = AE et HK = A4B. erit igitur
AE:TZ= A4B:I'4.

Ergo solida parallelepipeda, quae eandem habent
altitudinem, inter se eandem rationem habent quam
bases; quod erat demonstrandum.

XXXTIL
Similia solida parallelepipeda triplicatam inter se
rationem habent quam latera correspondentia.
Similia sint solida parallelepipeda 4B, I'd, et
AE lateri I'Z correspondens. dico, esse

f—F# AB:I'd— AE*:IZ"
7 producantur enim in directum AE,
p HE, OFE, ut fiant EK, EA, EM, et
Z ponatur
4 EK=TZ, EdA=1ZN, EM=LZP,

et expleantur parallelogrammum K 4 et solidum KO.

8. doa] om. FV, I"ZJ P; “"I'Z b; ®Z BFV. 9. ZO] Pb;
I'ZB;ZI'Fetinras. V. oteB. TI'4]P,"I'a” b; 64
BFV. 10.40] P, ‘4@ b; 4I'BFV. 12, I'Z] Z in ras. F.

14, nagardyloenineda V.  15. dotww] sloww FV. 17, 1y°]
om. . 18, megadlnloenineda V, ut lin. 21.  19. glolv B.
22. AE] corr. ex AE m. 2 P. 25. zaig) Tis b. 26. «f}
supra m. 2 B; e9@¢iar of FV. EM) M corr. ex N m. 1 F.
27. #z:] om. ¢. 29. KO] in ras. B; O in ras. m. 1 P.
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Kol éngl 0vo of KE, EA dvel teig 'Z, ZN
loo sloly, adde xel yovie % vmd KEA yovie ©j
oo I'ZN éorv lon, éneadijmep xel % v AEH i
vmd I'ZN et lon it oiy dpoidtyre tov AB, I'd
orspeav, loov &g éotl [xel Guorov] 16 K A magadinid-
yoouuov 6 I'N mageiinoyoduue. O0ud zé avte Oy
xal 10 ptv KM mogaidnidypapuov leov fderi xal
duotov 1@ I'P [megaiiniopoduum] xal &rv 6 EO
6 AZ' vole Goo magolinidygeuue tov KO oreosov
Totol mapaddnioyodupors tov I'A oregeov loa éetl
xol Opote. dAda re udv Tele TELEl Toly amsvavriov
loo dovl el Suowa, Ta 0t Tolw TELGl Tols amevavriov
loa éovl xol Gpowe SAov doa to KO ereoeov Gip 16
I'd ovegegy ilgov éovl xel Gpotov. eGuumemAnododm
©60 HK magailinidyooppov, xal amd Pdeecv uiv tov
HK, KA magpalinioyoduuwv, Dpovg 0% tod airov
10 AB ovegea evumemingdedw e EF, AIL  xeal
énel Oue TRy opodryre 10V AB, I'd oregewv éoTiv
og 7 AE moog v I'Z, otrws v EH medg v ZN,
xal ) E@ mgos v ZP, ley 0 7 uiv I'Z v EK,
1 02 ZN ) EA, v 0% ZP i} EM, ¥ouwv dgx dg 7
AE mpos v EK, otreg ) HE mdg iy EA xal
% OF modg Ty EM. &Ad g piv ) AE mgog tv EK,
ottwg 10 AH [magalinidyoauuov] meds 10 HK mag-

1. KE] EKBFV. 4. I'ZN]ZN in ras. B. Zouwv oy
supra m.2 V.  xatd nopvgny yde mg. m. 1 b. b, xel Suotoy
postea add. mg. m. 1 P. 1. nagaunldypayyovg om. F.
8. maeallnloyedupw] om. P. EOQO] O in ras. 9. Z4
BF oteQe0v] g0 eras. B. 10, foa — 11. @mevovriov]
mg. m. 2 B. 10, Z6z(] elodv P.  12. dovl] elotv P; ©é éome
FV.  zpla] lotma zole V et bis F. 13. ioa] lox te b; ¢
add. m. 2 B. dor{] v FV. In V lin. 12 7o 84 — 13. dpore
punctis del. 18. KO] O in ras. V. 16. and] éml b.
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et quoniam duo latera KE, E4 duobus I'Z, ZN
aequalia sunt, verum etiam [ KEA=TIZN (quia
L AEH=TIZ N propter similitudinem solidorum 4B,
rat), erit KA =1TIN.?) ecadem de causa etiam
K M parallelogrammum parallelogrammo I'P aequale
est et simile et praeterea EO parallelogrammo 4Z.
itaque tria parallelogramma solidi KO tribus paralle-
logrammis solidi I"4
aequalia sunt et si-
e 7 milia. uerum in utro-
que solido tria par-
Vil allelogramma tribus,
k | quae iis opposita
4 E sunt, ‘aequalia sunt
| et similia [prop.
M XXIV]. itaque totum
solidum K O toti so-
lido I'd aequale est
et simile [def. 10]. expleatur parallelogrammum HK,
et in basibus parallelogrammis HK, K 4, altitudine
autem eadem, qua A4 B, solida expleantur EZ, AIL
et quoniam propter similitudinem solidorum 4B, I'4
est AE:T’'Z = EH:ZN = E@®:ZP [def.9; VIdef 1],
et 'Z=EK,ZN=EUdA,ZP= EM, erit AE: EK

B 5

0

1) Def. 9; VI def. 1. et [ AEH = KE4 [l, 15].
2) VI, 14. eadem similia esse ut per se intellegitur, ita
addi debuit. sed cfr. p, 756 not. 2.

17. ©¢] corr. ex o m. 1 V. 20, EO] @ e corr. m. 1 b.
rzy Zr v. 22. 4E] EA b. 1 HE — 24. oftwg] om.
b. 24, mageddniéyoapuov] om. P.  zd] corr. ex iy V.

P
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aAdnidyeaupuov, dg 6 % HE mgog v EA, otrwg
0 HK mpos ©0 KA, og 0% § OF meog EM, ovrwg
16 ITIE mgog ©0 KM' xal og dge ©6 AH magaiin-
Adygappov mgog ©6 HK, otrwg ©6 HK meds 10 KA
xel to ITE meog ©6 KM. @Al g pdv 10 AH moog
70 HK, ottwg 10 AB ovspeov mpds 16 EE eregedv,
og 0% v0 HK mpdg ©0 KA, otrws t0 EE 6regeov
mwodg 0 ITA etepedv, og 0t vé6 ITE meds 16 KM,
otreg 70 ITA oregeov mods 10 KO orspedv: xal ag
dgo. v0 AB oregeov mpog ©o EJE, otrwg to EE mgog
©6 I1A xel vo ITA mog ©6 KO. édav 0% réeeaga ue-
yé9n nate 1O Guverls avdloyov 1), TO MEBTOY WEdG
70 Téragrov Teimdaciove Adyov Eye iimep meog TO Oev-
regov' 10 AB dpa oregeov meds 16 KO rouwdaciove
Abyov &gsu yimep 6O AB mpog 6 EF. dAA dg 7o
AB mgdg to EF, ovrems 10 AH magaiinidpgauuov
nds 160 HK xnal § AE ebdeia moog v EK' @ere
xal ©60 AB otegedv meds 6 KO tgumdaciova Adyov
épeu yimeg m AE modg v EK. leov 0% vo [udv] KO
otsgeov ¢ I'd orvegedd, 1 08 EK evdeia tf] I'Z: xal
10 AB Ggo ovegedv modg 10 I'd eregedv Touwdadiova
Acyov &ye dimep 1) Opoioyog avrov wisves 7 AE moodg
iy 6udloyov mievgav iy I'Z.

T &oe Guowx orsgee moguAinieminmede év touwa-
olove Adye otl vdv Opoidywv mAsvedv: Bmsg e
dsikou.

Hégrepe.

'Ex 0% tovtov Qavegov, Ot fav téoeages evdsiar

dvdAoyov 6Ly, ETal g 1 MEATY WEOS TV TETAQTYY,

i. HE] corr. ex NE m. 1 b. 2. v EM BYV.
3. Post ITE add. nagailnidyoappor V et m. rec, F. 6. 7o
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= HE:EA=@®FE: EM. sed AE: EK = 4AH: HK,
HE:EA=HK:KA,OE: EM=IIE: KM[V],1].
itaque AH: HK=HK:KA=1IIE:KM. uerum

AH:HK = AB:EE, HK: KA =EE:IIA,

HE: KM=1I4: KO [prop. XXXII].

quare AB:EE=ES:IId=1I4:KO. sin quat-
tuor magnitudines deinceps proportionales sunt, prima
ad quartam triplicatam rationem habere dicitur quam
ad secundam [V def. 10]. itaque 4B: KO == AB3: EE".
est autem 4AB: Ef = 4H: HK = AE: EK. quare
AB: KO = AE*:EK® sed KO=1TI4d, EK=TZ.
quare etiam 4B:I'd = AE®: I'Z3,

Ergo similia solida parallelepipeda triplicatam ra-
tionem habent quam latera correspondentia; quod erat
demonstrandum.

Corollarium.?)

Hinc manifestum est, si quattuor rectae inter se
proportionales sint, esse, ut prima ad quartam, ita

1) Num boc corollarium genuinum sit, iure ambigi potest.

KM] KMPF. 7.1 KA] K4 b. 11, XO] O non liquet,
supra ser. ® m. 1 b, 13, 7imeg] 0 mewroy @. 14, KO] O
inras. B. teuwlaol- inras. m. 1P.  16. 70 AH)] %6 1t AH F?
(F hoe loco difficilis est lectu). AH) corr. ex ABm. 1 b;
H e corr. B m. rec. 18. KO] O in ras. B; supra scr. ©® m.
1b. 19. uéy] om, P. KO] O in ras. B 20. ov£0ec)
om. b, 21. crepsoy &oa B. 23. adrod misvedy b.

24. mogalinioem. V. 28. foriv B. 28 sq. Ex porismate
nullum uestigium est in F; in b totum in mg. est m. 1, add.
oftwg év dAle.  29. Ante dvdloyov ras. 1 litt. P.
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ot 1O AWO Tig WEWTYS OTEQEOY magaAdnAemimedov
7@dg 7O dmd Tig Osvréoas vO Sporov xel opolwg dve-
youQiusvoy, émsimeg xol 1 TEHTY WYOG THY TETAQTNY
toumdaclove Adyov Eyer fmep meds i Osvrigaw.

5 id’.

Tév icav oregedy waguldnieminidwr avri-
nendvdadiy ai fdeetg Toig DYediv: xal dv dre-
0edY magariniemimédnyv dvrnimendvdaey ol
Booeig Ttoig Vypeoiv, loa dariv éxelva.

10 "Eore loa oreped mapaiinienimeda ta AB, I'A*
léyw, Otr tov AB, I'd evepedv magariniemimédov
avunendvdeacy al Pieeg toly vyeoiv, xal doviv g
% E@ Bdais moog v NII Bacwv, ovteg o tov I'd
6te0s0v UPog medg 1O Tov AB ovege0v Tog.

15  "Eotwoav pog mooregov of Epeoryxviar of AH,
EZ, AB, ®K, I'M, N5, Od, IT P mgog dgdag raig
Bdoeow avrev' Aéym, ot éotly g v EO fdoig meog
mqv NII Bdow, ovtwg y§ I'M moog tiy AH.

Ei utv otw loy éoriv 4§ EO Bacig tff NII face,

20 Zo7e 0% xol 10 AB ovegeov v I'd ereged loov, éoton
el 7 I'M ©ff AH len. ta peg Umé o avrd Uyog
orspee mapaddnienminmede medg &AAnde fotiv og af fo-

L. ovrag FVb. magadinioem. V. 3. énué‘nuep BV.
5. 1 seq. ras. 1 litt. F. 7. Tpeor Vb et seq. ras. 8 litt. .
12, dypeoe FVD, 16. 4B] 4 e corr. B. O K] corr. ex
©Hm, 1b I'M]supra ser. N m. 1 b, 17, fdozor b.
adtdv] om, b. 18. AH] inter 4 et H 1 litt. eras. P.
20. fonv B. foren] ¥om Voo 21, ta ydo — 22. ﬁaastc]
om, BV; hab, Pb et fuerunt in F, sed mlul relictum est nisi
0 vog oTEQE, quibus add. ¢: -ov 7ois Tyes. omissis uerbis &l
yoo — ovemv p. 108, 1.
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solidum parallelepipedum in prima descriptum ad so-
lidum in secunda simile et similiter descriptum, quo-
niam etiam prima ad quartam triplicatam habet ratio-
nem quam ad secundam.

XXXIV.

Aequalium solidorum parallelepipedorum bases in
contraria ratione sunt atque altitudines; et quorum
golidorum parallelepipedorum bases in contraria ra-
tione sunt atque altitudines, ea aequalia sunt.

Sint 4B, I' 4 aequalia solida parallelepipeda. dico,
solidorum parallelepipedorum 4B, I'4 bases in con-
traria ratione esse atque altitudines, et esse, ut E®
ad NII, ita altitudinem solidi I'4 ad altitudinem so-
lidi 48B.

Prius enim rectae eminentes 4H, EZ, AB, OK,
I'M, N5, Od, IIP ad bases suas perpendiculares
sint. dico, esse E@ : NII —=I'M: AH.

a
K B &
H Z
T
Z 4 I 0
y: | E T N

iam si E@ = NII, et AB = I'4, erit etiam I'M
= AH; nam solida parallelepipeda, quae eandem ha-
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6z [el pag tov E@, NII factov (6ov ov6cdv uy
ey 1« AH, I'M Syn lea, ovd’ &oa t0 AB oregeov
toov fovar v I'd. vmonerzan 0¥ loov* odx &go Gviody
dove 0 I'M Tyog vy AH vy loov Goa). xal Eorar
og 1 EO Bdeg mpog v NII, odrwg % I'M mpig
v A4H, xal pavegdv, v tév AB, I'4 orepedy mag-
aldniemnédov avnmendvdaoy of Pdesig Tois Tpeoww.

My éetw 07 lon 4 E@ Pacig v NII fuest, ail
éorw pellov 7 EO. ¥ov 0% xel vo AB 6regeov v
I'4 evspeds loov' psitov &oa éotl xel 7 I'M wijg AH
(&l yag p1], 000’ dga madw ra AB, I'd evepsa ioa
dovar’ Uméxertar O} loa]. xsledw odv th AH len %
I'T, xel evumewinowedm amd Pdecwg pdv tis NII,
Dypovg 0% tov I'T, evegedv mapainienwinedov ©o DI
xel Emel loov éotl ©0 AB oregedv 16 I'd oreged,
itwdsv 0} vo I'D, ta 0% l6a mEog TO avrd TOV avTOV
e Adyov, ¥evwv dga @g t0 AB ovsgedv mdg ©O I'P
675080V, ottwg v0 I'd eregeov medg ©d I'dD erspsdv.
aAl g plv 10 AB oregeov mdg to I'd ersgedv,
ofrag ) E@ Bdewg medg v N1 faewv: (eovyi pag
ve AB, I'® oregec g 0 v I'd 6tegedv moog o
I'® 615086v, oUrag ) MII Baos mpdg vy TII fooww
xal § I'M mpog wpy 1I'T" nel &g dpa 9 E@ Pacig
weos v NII Pacw, otrwg 7 MI meog iy I'T. oy

0t y I'T vfj AH xal g éoa 7 E® fdoig mpds Tiv
2. ein] fotw @. 3, Forau] dor b.  I'd orseeg FV.
5. NII pdaw b. 7. dyecr Vbo. 10. #6t] om. V.

11. mdlw] supra m. rec. V. 12. foovrar P. dmoneLvTon
BY. AH] Hinras. m 1P. 14. I'T] I in ras, B.
negeAdnloen. V. &) I in ras. B. 16. fwer d‘g &ido
8¢ ©l dort b, dllo 8¢ vV, &Alo ¢ supra scr. 8¢ m. 2 B,
@I Bb, et F, sed corr. Dein add. otegedv FV.  In F uerba
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bent altitudinem, inter se eandem rationem habent
quam bases [prop. XXXIIL.Y) et erit
E@:NII=TIM: 4H,

et adparet, solidornm 4B, I'4 parallelepipedorum
bases in contraria ratione esse atque altitudines.

iam ne sit E®@ = NII, sed E® > NII. uerum
etiam 4B = I'4. itaque etiam I'M > 4 H.?)

ponatur igitar I'T = AH, et in basi NII, alti-
‘tudine autem I'T expleatur solidum parallelepipedum
®I. et quoniam 4B = I'4, extrinsecus autem ad-
sumptum est I'®, et aequalia ad idem eandem ratio-
nem habent [V, 7}, erit AB: I'® = I'4 : I'®. uerum
AB:I'®d = E@: NII [prop. XXXII}; nam solida 4B,
I'® eandem habent altitudinem. et I'd: I'® = MII
: TII [prop. XXV] =IM: I'T [V], 1]. quare etiam
E®: NII=MI':T'T. sed I'T= AH. itaque etiam

1) Ita concludi uoluit Euclides: adparet, solida aequalia
eandem rationem habere quam bases et ipsas aequales, nec hoc
fieri potest, nisi altitudines et ipsae aequales erunt. et hanc
concludendi rationem recte, sed paullo breuius indicauit citata
prop. 32. hoc interpreti alicui satis antiquo ansam dedit uerbis
el yde — loov dea lin. 1—4 interpolatis mentem Euclidis
uerbose explicandi. quo facto in codd. deterioribus nerba illa ge-
nuina @ yde — Paoss p. 106, 21—22 deleta sunt, cum intel-
legeretur, duplicem causae indicationem per yde illatam ferri
non posse. illo loco damnato sequitur, uerba simillima & ydg
— foer p. 108, 11—12 et ipsa esse interpolata. et per se suspectis-
sima sunt, quippe quae causam idoneam eius rei, quam con-
firmare debeant, minime contineant.

2) Hoc uia indirecta ex prop. 31 demonstrari potest, cum
adpareat, solida augeri et basibus et altitudinibus auctis.

o 0¢ dote 10 DI oreeedy mg. m. 1, ut uidetur. 17. ore-
eedv] om. V, 18. ottw BV, comp. F. 22. oregedv] ims.
m 2F. TI]mut in IITV, ITBb. 23. MI" BFV,

24. fdow] supra m. 2 F. MI'] NI' B.
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NII Boew, ovrms %y MI meds tiv AH. tdv AB,
I'd éga evegesv magodinieminédov dvrimendvdasiy
al Baceg Toig Tysoww.

Iedw 07 tov 4B, I'4 6tepeiv napaiiniemnidov

- avrimenovdéracay of Pdesig toig Dyseiy, xel f6Twm Mg

71 E® Bdeig meds tiv NII Paewv, ovres 6 tov I'd
6Tepc00 TPog meog TO ToU AB oregeol vyog' Aéym,
Ot loov éotl 16 AB areeov v I'd 6teped.

"Eetwoayv [pag] maiwv al épsernxviar mwpdg dedag
talg foceow. xal & ptv lon éotiv 9 EO fdeg vy
NIT Bdacer, xal éorwwv og 7 EO® Paeig meos wqv NII
Pacww, otrwg 6 tov I'd orepeod Uyog medg T¢ TOL
AB erepeot Vyog, loov dga Zotl xel vo vov I'd ere-
0s0v Tpog e ToU AB eregsov Uye. ta Ok éml loov
Bdocov orspea mapadinieminede xal VXO vO avrd Uyog
loa aAdidowg €oviv: loov doo ot ©o AB oTeQE0V TG
I'd ezeoeq.

My Eotm dv 1) EO Baowg t5; NIT [Baes) ley, GAA
éovw pelfov 7 E@ ysitov dga dotl xal 10 Tov I'4 6150800
vypog tov Tov AB ersgeov Tyovg, vovréenw § I'M
vijg AH. xeloBo vij AH oy nedw 5 I'T, ol ovu-
nwenAnpewode ouolws 1o I'D erepsdv. émel doviv og
1 E® Bdeig meog v NII Pdowv, otrws 7 MI medg
v AH, ien 0t 7 AH v I'T, forwv Goo wg 7 E®
péoig meog Tty NII Bdew, otrwg ) I'M meog v
I'T. aid’ g piv 7 EO [fdeis] meds vy NII faow,
ovtwg 10 AB oregedv meds 1o I'd eregedy (Govyd]
ydg 6t 1o AB, I'D orspea” g 08 71 I'M mpodg tyv

1. "'Mb. AB, I'd] om. FV. 2. &) 85 F.
3. dyeor Vh. 4. T'd &ea b. nogailiniemnédwy] om. V.,
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E®: NIl = MI': AH. ergo solidorum parallelepipe-
dorum 4B, I'4 bases in contraria ratione sunt atque
altitudines.

Rursus solidorum parallelepipedorum 4B, I'a
bases in contraria ratione sint atque altitudines, et
sit ut E® ad NII, ita altitudo solidi I'4 ad altitu-
dinem solidi 4B. dico, esse 4B = I'4.

rursus rectae eminentes ad bases perpendiculares
sint, et si E@ = NII, et est ut basis E® ad basim
N 11, ita altitudo solidi I'4 ad altitudinem solidi 4B,
erit altitudo solidi I'/ altitudini solidi 4B aequalis.
uerum solida parallelepipeda in aequalibus basibus
collocata et eandem altitudinem habentia inter se
aequalia sunt [prop. XXXI]. ergo 4B = I'4.

iam ne sit E® = NII, sed E® > NII. itaque
etiam altitudo solidi I'4 maior est altitudine solidi
AB [p. 109 not. 2], hoc est I'M > A4 H. ponatur rursus
I'T = AH, et similiter expleatur solidum I'®. quo-
niam E@: NIT = MI': AH, et est AH=I'T, erit
E@:NII=TIM:I'T. verum E@: NIl = AB:I'®
{prop. XXXII]; nam solida 4B, I'® eandem altitudi-

5. dvimendvdact b.  Tyear Vb, 6. fdor] om. V.
I'd] inras. V. 7, 4B] in ras. V., 1éyw — 8. éor/] mg. o.
9. ydo] om. P. 10. faces: Vho.  doriv] om. Vo
7 E@ fdog] mg. ¢.  12. 7] (prius) mg. m. 2 P.  13. lgow
doe — 14. Yys] om. @. 13. Z67{] om. V. wol] om. b,

14. 04] & b, 15. pecewy dvra Theon (BF Vb), mog-
allnloemx. V, 16. 07| detiv P. 18. pages] om. BFVb.
19. peitov] pelfwv F.  Z6r{] om. V. 21. 7ijg] 7 b.
22. Ante #nmel add. e/ m. 2 V. 23. I'M b.
26. 'M] PB, Vm 2; MI'b, Vm. 1, F in mg. m. 2.
mgds — 26. fucr] om. F; in mg. quaedam euan.  26. Pdoig]
om. P, 27. 0¥T0g — meds] @.
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I'T, otrwg % t¢ MII Bdog meos tyv IIT Bacy xal
t0 I'd otepeov mpog 16 I'® erspsdv. xal og dpu
20 AB ovegeov meog 0 I'® oregeov, otrwg 1o I'd
otegeov mpog 10 I'D eregsov: éxdregov dpa vy AB,
I'd mpdg ©o I'® wov avrov &e Adyov. leov dga
éotl 10 AB erepeov v I'd oteged [omep éder Oeikar].

My Eermoav 01 of dpsoznxvio of ZE, BA, HA,
@K, EN, 40, MI', PII medg oedag waig faceaiy
atrév, xal fydweav dnd tév Z, H, B, K, 5, M,
4, P onpelov éni va die tov EO, NIT énineda xaderor
xal evpPeliftweay vois émmédowg neva ve X, T, T,
D, X, ¥, R, 5, xal ovunswinencdo ta ZP, 5
eregea’ Aéyw, 0t xal olrwg l6ov Svrav tov AB, I'd
61080y avnimenovdacw of Pdeesg tois Upesww, xal
éotv g 1) E@ Piog meog iy NII fdew, odreg o
100 I'd 6180e00 Upog medg ©0 T0v AB 6rees0v Dyog.

‘Enel loov éotl 1o AB otegsov tHp I'd oteged,
dAde 76 pdv AB v BT éovww loov' éni te pag vijs
avrijg Pdeswg sler tiig ZK xal vmd 16 avrd Uiog
[dv of épsot@dar ovx eloly énl tov atrdy ebdamv]’
26 02 I'd ovegeov ©¢ AW éovwv ldov: émi te pag
Ay g avrijs Pdesds slol tig PE xal vwd To adrd
Upog [@v af dpeordear ovx sloly énl tdv avrdv -
dedv]” xal ©0 BT dga oregeov 10 A X oreged (Gov
doviv [tév O} loov oregedv megedindemmidov, dv
e Dyn medg OpPdg deri Tais Pdcedv alrdv, Avii-

2. ovegedv] (alt.) om. B. 6. dmeg £0er deifon] del,
August. 7. uj] e corr. m. 2V. af] (prius) om. FV.  BA]
supra scr. 4 m. 1 b, 8. ®K] supra ser. 4?2 m. 1 b,

9. K] corr. ex I' V.  10. émel F, et V, sed corr. dwx] om.
B. 'NII faccwv B.  11. oupPalérwsey PV. X] postea ins.
B; ras. 1 litt. b.  12. ¢] renon. m. 2 B.  Post 5 in fine lin.
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nem habent. et ’'M: I'T=MHI:IIT{V,1]|=T4
: I'® [prop. XXV]. quare etiam 4B :I'® =I'4:T'®,
itaque utrumque AB, I'4 ad I'® eandem rationem
habet. ergo 4B = T4 [V, 9].

Jam rectae eminentes ZE, B4, HA, OK, EN,
40, MTI', PIT ad bases suas perpendiculares ne sint,
et ducantur a punctis Z, H, B, K, 5, M, 4, P ad
plana per E®, NII ducta perpendiculares, et cum
planis in punctis X, T, 7, &, X, ¥, &, s concur-
rant, et expleantur solida Z®, 5Q. dico, sic quoque,
si AB = I'4, bases in contraria ratione esse atque
altitudines, et esse ut E® ad NII, ita altitudinem
solidi I'4 ad altitudinem solidi 4 B.

quoniam AB=1I4, et 4B = BT [prop. XXIX
—XXX] (nam in eadem basi sunt ZK et eandem ha-
bent altitudinem)?), et I'd = 4% [id.] (nam rursus
in eadem basi sunt P et eandem habent altitudinem),
erit etiam BT — 4 %P. erit igitur®) ut ZK basis ad

1) Rectissime obseruvauit Simsonus p. 402: ,jinepte exclu-
ditur alter casus“. quare cum eo uerba v af — sddsidy
lin. 20, 28 — 24, p. 116, 7—8 pro interpolatione imperita ha-
benda sunt.

2) Quae sequuntur uerba rév 8¢ — Syear p. 112,25 — p,114,1
et p. 116, 2—4 inepta sunt, quia altitudines semper ad bases
perpendiculares sint necesse est, quae est iusta einsdem Sim-

soni obiectio. sed ra twn cum Augusto in of dpserdoar mu.
tare temerarium est; quare uerba illa delenda sunt.

ral, dein mg. m. 2 add. enpeic F; ¢ ogueie V. FR] Q in
ras. V. 13, 8ne] 84 V. 14 dyeer Vb. 15. NIT] IIN in
ras. V. 17. Post énef add. yde BFb, et supra scr.m. 1, sed
deletam V. 16] corr. ex 7o m. 1 V. 18 BT] T in ras. V.
19. eloww P. ~ omé) dnd V. 22, elo] Zove comp. b.
PE] BEP Bb., ovmd] ém{ V. 24. Post vé del. o5 F. BT]
Be corr. V. Zomwy fsov V. 26, téwv] corr. ex ov m. 2 F;
av V. &vlom V. 26 foni] eloe b.

Euclides, edd. Heiberg et Menge. IV. 8
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nemovdacy of Badeg toig VYeaww]. Eotiv doa g 7
ZK pdgig mpog v EP fdew, ovtwg t6 Tov AW
6Tegeov UPog medg to rov BT oregeod vos. lon OF
% wév ZK Bdows tij E@ fdos, 5 0% EP Bacis T
5 NII Bdge éorwv &po g 71 EO@ fdeig meds tyy NIT
paawy, otrwg 16 Tov AW 6repe0v Typog mEOg TO TOU
BT orepzov Uyog. ta 0 avre Uynm ol rav 4 W,
BT orepeaiv xal 16v A, BA" &ovwv doa og 7 EO
pdeig medg v NII facwy, olrwg t0 tov AI” 6rspc0v
10 Dog meog 0 10U AB 6repeov vyog. twv AB, I'd
doe oregedv magaAdniemimédwy avnimenmdvdociv of
Beosig Toig Vpeoiy.
HaAw 87 1ov AB, I'd orepedv mapadinieminédov
avunenovdéracay ol faceg rois TYeiy, xal éotm og
15 ) E@ Paoig meog tqv NII fucwv, ovtwg 10 tod I'd
otegeos UPog meog 0 Tov AB ovegeov Tyog Adyw,
0ve laov dotl 1o AB oregeov 13 I'd erepec.
Tov pop evtdy xeraorivecdéviov, érsl ot g
7 E@ fdcig meos tyv NII faciv, otrwg 10 tov I'd
20 oTEQeoT UPog meos 1O Tov AB oregeov Uyog, lom Ok
% wdv E@ Bdewg 1) ZK fdos, % 02 NII ©j 5P,
dotwv doo wg 5 ZK fadig mgog v EP facy, olrwg
10 100 I'd oregeot Uog medg 16 Tov AB Gregeov
vYog. e 0 avra vym dorl tdv AB, I'4d ovegeav
25 xel tév BT, AW éovw doa og 7 ZK facig mpdg
v EP facv, olteg t6 tod J Y eregeot Dyog medg
10 tov BT otegeov vos. vev BT, AW doo ore-

2, v EP] corr. ex oy NFP V. 3 BT] T e corr. V.
4. E@] e corr. V. 5. Baas fotly ion V. w NI
foes b. 7. otegeov] om, B. 10. I'J] in ras. P.
11. oreediv &g B. 12. dpeor Voo, 14. Yyeor FVb.



ELEMENTORUM LIBER XI. 115

basim EP, ita altitudo solidi 4% ad altitudinem so-
lidi BT [p.110,1sq.]. uerum ZK = E@, EP= NI
erit igitur ut E® ba-
sis ad basim NII, ita
/ 7,2 altitudo solidi 4% ad
4\ altitudinem solidi BT.
V4 sed solidorum 4 %, BT

4 —EF 4 et 4I', BA eadem est
altitudo. quare erit ut

4 9 * basis E@ ad basim NII,
: NL ita altitudo solidi 4T

i/’&\ ad altitudinem solidi
L T

1_ ¥ 4B. ergo solidorum

\I/ AB, I'4 parallelepipe-

M Jy .
dorum bases in con-
traria ratione sunt atque altitudines.

Jam rursus solidorum parallelepipedorum’A B, I'4
hases in contraria ratione sint atque altitudines, et
sit ut E® basis ad basim NII, ita altitudo solidi '
ad altitudinem solidi 4B. dico, esse 4B = I'4.

iisdem enim comparatis, quoniam est ut basis E@®
ad NIT basim, ita altitudo solidi I' ad altitudinem
solidi 4B, et E®@ = ZK, NII = EP, erit ut basis
ZK ad 5P basim, ita altitudo solidi ' ad altitudi-
nem solidi #B. sed solidorum 4B, I'd et BT, A¥
eadem est altitudo. erit igitur ut ZK hasis ad basim
&P, ita altitudo solidi 4% ad altitudinem solidi BT.
itaque solidorum parallelepipedorum BT, 4% bases

K B

®

17. loov] om. V. foov 166 V. 19. I'4] bis o.
23. AB1 B4 FV.  27. BT] (alt) T in ras. V.
8*
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0c0V magalindeminédor avrnendvdaoiy al fdosig Tois
Dpeow [dv O etepedy magaddgiemimédov o DYy
mog Gpddg ot Tais fdosoly avrdv, dvrimemivdeot
0% af Pdoeg Toig Dyeow, loa éaviv éxsive]” loov doe
éotl 16 BT oregeov v0 AW ovegedd. aAda ©o pdv
BT ©¢ BA igov éotlv éni vs yag vijs evrijs Pacsag
[elar] 7ijg ZK xal Dmo to avrd vyog [dv of épeord-
6o oUx &loly énl tdv edrhv evdadv]. 1o 0F AW
orepeov v AT oregedy loov éotlv [éml te yao madw
Tijg avTyg Pdesas &or Thg HP xel vmo TO avrd Vpog
xal ovx v taig avrais evPelong). xal 10 4B &g ore-
eeov e I'd oreged éovwv loov' Omeg Eder deifau.

Ae'.

Eav &6t 0Vo0 ypoviar éximedor l6at, énl 0}
TAY %0QUPBY avThv- petémool svdelar fme-
6raddoiv l6eg yovieg mwegiégovear etk rov
t apyis evPesdy Exardgav éxavipg, éml O
TOV peTreRoov Aypdf tvydvra onpsie, xal dn’
avtav éxl re émineda, év olg elawv af &t do-
178 yoviar, xdderor ayddoy, and 0% rdv pe-
vouévov enuelov v tolg émimédoig énl vag 4k
aoyiis yovieg énibevydaciy evdeiar, foag yo-
viag megLékovar pera TAY peredgmw.

"Eotwcav 0v0 yovia ebdvyoappor loar of Umo
BAI', EA4Z, and 0t tov A, 4 enuslov psréngor
evdsior dpsorarooay af AH, AM leag yovieg megr-
éyovoar peve thv & apyis evPady éxaréoav éxavépa,

2. e vyy] of dpeornuvice August. 3. {or:] @, comp.
b, dotrv P, elat BV, avumendvdaciy PV, 4, 8] supra

- N
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in contraria ratione sunt atque altitudines. quare
BT =4% [p. 112, 58q.].. sed BT = BA [prop.
XXIX—XXX]; nam in eadem basi sunt ZK et ean-
dem habent altitudinem; et 4 ¥ = 4TI [id.].") ergo
AB = I'A4; quod erat demonstrandum.

XXXV,

Si datis duobus angulis planis aequalibus in uer-
ticibus eorum rectae sublimes eriguntur angulos singu-
los singulis aequales cum iis, quae a principio erant,
comprehendentes, et in erectis puncta quaeuis sumun-
tur, et ab iis ad plana, in quibus sunt anguli illi,
perpendiculares ducuntur, et a punctis, quae in planis
oriuntur, ad angulos?) a principio datos rectae du-
cuntur, hae cum erectis aequales angulos com-
prehendent.

Duo anguli rectilinei sint BAI", EAZ, et a punctis
A, 4 rectae 4H, AM sublimes erigantur angulos
singulos singulis aequales cum iis, quae a prinecipio

1) Uerba énf ve — ed@elong lin, 9—11 subditina existimo.
2) H. e¢. ad uertices eorum.

ser. m. 2 V. 6. BA] 4B P. 7. &loc] om, P. 9. T

4T — 10. Pdoewg] F, praecedentibus iisdem uerbis a manu ¢.
9. 'db. zig adris maly V et ¢ (non F). 10. éome

comp. b, P& b. 11, &pe] om. V, ins. m. 2 F,

12. 4T B. 13. 2¢’] non liquet in F, 14. dawv PB.

Post #xl del. wéde m. 1 P. 17, fxarépar) -av in ras. B,

19. émi ©d] om, K. glae b, 21. #v] Yo tav radétov

&v Theon (BFVb). 28. prrewootéomy

in ras. B. 4dH, AMF.

. 26 AH] H
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v piv tnd MAE vjj vnd HAB, vy 8% vwo MAZ
tj vnd HAT, xal slhijgpdw énl tdov AH, AM zv-
yovre onuele ve H, M, xal fgdo6ay dnd zdv H, M
onueloy énl ta e 1oy BAI, EAZ énineda xadevor
of HA, MN, xal ovpPellétacay voig émmédoig xata
te N, A, xel nstevydwcav af A4, NA* iéyw, 6t
ion éotlv 5 vmo HAA yovie tfj vmo MAN yovie.

Kelo®o ) AM Iy 7 A®, xal fiz80 Sk tod @
onueiov v HA magaidniog § OK. 7 68 HA xnd®erdg
dorww éml 10 Oia vév BATL émimedov' xal  OK doa
xaderdg domy éml vo dia tev BAT émimedov. fjyde-
cav ano rov K, N enusiov éxl vag AB, AT, 4Z,
AE &b®eleg xideror of KI'y NZ, KB, NE, xal
énetevydooay af O, 'B, MZ, ZE. énel to ano
rijg @4 loov Zoti volg dnd tdv OK, KA, té 0 and
tiic KA loa fotl ta dno véov KI', T'd, xal 56 amd
tiig ®.A édoa loov éotl rois amd rav @K, KI', I'A4.
Toig 0t amd tav OK, KI icov éotl ©0 amd vijg @I
10 dpa amd vijg @ A lgov govl Toig dmo tav O, I'A4.
Spd doa fovlv 7 vwd OI'A yovia. O ta adra Oy
xel 9 vwd AZM yovie 8031 éorw. lom doe éetiv
% vwo AT@ ypovie ) vwd AZM. ot 6% xal 4
vwd @A tfj vmd MAZ ioy. 0Vo 07 relywvd ot
te MAZ, @ AT dvo povieg dvel yoviag loag Eyovra
éxatégav Exardoe nal plwy mAsvgav w§ mheved lemy
v Umorelvoveay VUm0 plav thy 6oy yowoy T
OA4 tjj Md" xai tog Aoumwag doe wAsvoas el Aouweig

2.AHYHAV. 4. onuelwv]om.V. BAT) Binras.B.
5. ovuPalérocay V et supra scr. Aim. 1 P. 6. N, A] supra 4
naedam euan. F m, 2, ras. V.  zal) onusia xal V. 1. ten
orfv] ins. m. 1 F, om. V. yowle tj 926 MJN] in mg. trans-
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erant, comprehendentes, | MAE = HAB, | MAZ
= HATI, et in AH, 4M puncta quaeuis sumantur
H, M, et a punctis H, M ad
plana per BAI, EAZ ducta
M  perpendiculares ducantur H A,
MN, et cum planis in N, 4
concurrant, et ducantur 44,
N4. dico, esse
LHAA=MAN.
ponatur 4@ = A M, et per ® punctum rectae H.A
parallela ducatur ®K. H.A autem ad planum per
B AT ductum perpendicularis est; itaque etiam @K
ad planum per BAI' ductum perpendicularis est
[prop. VIII]. a punctis K, N ad 4B, 4T, 4Z,
AE rectas perpendiculares ducantur KI'y, NZ, KB,
NE, et ducantur ", I'B, MZ, ZE. quoniam @ 4*
=@K?+ KA et KA*= KI?+4 I'4* [, 47}, erit
etiam @ 4* = @K? 4 KI? 4 I'4% verum @I =@ K*®
4+ KI? [id]. quare @4 = OI® 4 I'4®. itaque
L O®I'A4 rectus est [I, 48]. eadem de causa etiam
L A4Z M rectus est. itaque [ 4@ = A4ZM. sed etiam
LOATr = MAJZ. itaque duo trianguli sunt MAZ,
@A duos angulos duobus angulis singulos singulis
aequales habentes et unum latus uni lateri aequale,
quae sub altero angulorum aequalium subtendunt,
©®A4 = Md. itaque etiam reliqua latera reliquis late-

eunt F.  yowvia lon 6t V. MAN] 4 e corr. V,  yovie]
om. V. 8, xal zelodw B, nelodo yao FV. 12. AT') 4 e corr.
V. 13. NE] Einras.m.1P. 14, zal émel/ Bb.  15. K 4]
K corr.exAm.1b. 16. tév] s b. 20. OI'4] I'4 in ras.
B. 21. 4ZM] ZM in ras. B. " 22. fouw PB.  23. 3/] supra
m. 1 V. 24. dvel yovlug] om. P.  27. 4M B.
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nlevgals loag Eke énavégav éxarépe. lon dea fotlv
1 AL v AZ. obpolwg 07 Odstboucv, 61e %al 0§ AB
tj AE éorwv oy [oUtwg émelevyBwoav of OB,
ME. ol émsl 10 dmd g A® ldov fovl Toig azxo
rov AK, KO, 16 0t dmd tijg AK loa éotl ta oxo
tov AB, BK, ra é&pa awé tov AB, BK, KO ice
dotl 1 and AO@. dlda toig amd tév BK, K@ leov
dotl 10 dmd tijg BO' OB yae 7 vwd OKB yovie
0we 70 xal Ty OK xdderov sivar éal To vmoxspsvor
éminedov: 10 doo amd tijg A® igov dori Toig 4w TGV
AB, B@® 699y doa éoriv % vmo AB@® yorie. O
te avre Oy xal 5 vmo AEM yovie dedv Zotiv.
dovi 0t xal 7 Vw0 BAG yovia vf vwo EAM ien:
vrénavran pio xal Eorw § AO tjj AM iy len
doe é6tl nal ) AB tfj AE]. Zmel ovw ioy doriv 3
utv AL o} AZ, % 6% AB i AE, 0vo 6y «f I'4,
AB 6vel taig Zd, AE ioar slolv. alde xel povie
n vwo T'dB povie tvf Und ZAE Zetw len Padig
dga n BI' Bdaes tf) EZ ion fovl xol 10 TOlymwov
t6 teupdve xol of Aomal yovie telg Aoirais yoviaig
lon doa 7 vwo AI'B yavie vjj oo AZE. &ove 0%
xal 609y N vmé ALK 8995 tf) vmo AZN len" xal
Aoy &ga 7 Umd BI'K Aownyj tfj vmé EZN éorww
len. Ouwx Ta avva O xal 9 Ox0 I'BK tfj 9néo ZEN
éotiv loy. Ovo 07 volywvd éotre e BI'K, EZN
[zag] dvo pwviag dvel yoviag lcag éyovia Exavégay
énaréon xal ulov misveav mig mwiesved lonv Ty medg
talg loatg yovieg vy BI tjj EZ* xal tag Aouwag

1. ien] lomv P, corr. m, 1. 8. ion] om. B. 4. roig] wd
7. s A® V. 8. ydo] in ras. m. 1 P. 9. slven] om.
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ribus aequalia habebunt singula singulis [I, 26]. ita-
que A= A4Z iam eodem modo demonstrabimus,
esse 4B = AE.") iam quoniam AI'=A4Z, AB = AE,
duae rectae I'4, 4B duabus ZJ, 4 E aequales sunt.
sed etiam [ I'4B = ZAE. quare etiam BI' = EZ,
et triangulus triangulo aequalis et reliqui anguli reli-
quis angulis [I, 4]. itaque [ AI'B= A4 ZE. uerum
etiam [ AT'K = A4ZN, quia recti sunt. ergo etiam
LBI'K = EZN. eadem de causa etiam [ I'BK
= ZEN. quare duo ftrianguli sunt BI'K, EZN
duos angulos duobus angulis singulos singulis aequales
habentes et unum latus uni aequale, quod ad angulos
aequales positum est, BI'= EZ. itaque etiam reliqua

1) Sequentia p. 120, 3—15, quae post opolwg lin. 2 pror-
sus inutilia sunt et inusitata, rectissime interpolatori tribue-
runt Simsonus et August; om. Campanus.

9. 10. z7js] corr. ex Ty m. 1 b, 11. 4B] B corr. ex O
V. Post B® ras. 1 litt. b. Zotiv) corr. ex éori m. 1 P.
13, #omiv B.  EJM) E supra scr., post 4 ras. 1 litt. V.
14. yag loor FV. 15. éoz{) om. P. 17. dval| dvo P.
47 BVbo. ola) Exatéga éxatégr Vo 18. ZJE]
Zet Einras, V, Z"4'E b. doriv] om. V. 19. Zoziy
- P %ol 70 Tolywyoy T¢ toydve] mg. V. 21. ion) in b.
AZE] corr, ex EZA m. 1 b, gatw B. 22. JZN]
N in ras. m. 1 B; pro N in b est E, supra ser. M m. 1.
ral] om. Vo. 23. EZN] ante N ras. 1 litt. V; N corr. ex
H b, lon éetiv P. 25. ENZ V. 26. Tag] deleo.
yovintg] yovieg P. £yovras PVe; in P ¢ del. m. 2.
28. {oaig] supra scr. m. 2 B.



10

15

20

122 ZTOIXEIRN :a’.

dou mAevgag tais Aowmais mAsvgais loag £ovew. loy
doo éotlv § 'K vf) ZN. éove O el 1) A vf) AZ
ton* dvo 0n a«f Ay, 'K dvel taic 4Z, ZN loaw
glolv: xal fpdag yoviag meguéyovow. Pdog doe 1)
AK Bdost vij AN fon doviv. xal émel lon Zoviv 4
A® T AM, loov éotl xel vo amd vijig AO 6 dmwo
s AM. diié T plv amo tis A® loa fovl Ta
and tov AK, KO 0687 pap 5 vwd AKO' w6 O
and vijs AM ioe 16 amd vov AN, NM- dpdy pao
n vw0 ANM za dga amd tov AK, KO loa éeti
roig amd tév AN, NM, dv td dmo s AK loov
dotl © amo vijg AN’ Aowmov &ga t0 amd v KO
ioov éotl ve amd tijg NM- [on &px 1 @K tf; MN.
xat Enel 0vo of @A, AK Ovol vaig Md, AN leou
eloly Exavépe énavége, xal Pocis 7 OK Pdee vf MN
elydn lon, yovie Goa 7 vmd @AK yovie tf vmo
MAN éouw loy.

Eqv dpe &6i 0vo povier Zmimedor lGor xel té
étis tiic moordeewg [Omep £0er Ositar).

Hégiopa.

T
'Ex 0% tovrov @avegdv, Oti, éav w6r dvo povier -
éninsdor loar, Zmotaddor 0 in’ oalrav peréwgor

,&09elar oo lGag poviag meguEyovoar uete Tav £E

2b

k] ~ 3 -~ e ’ Ly ’ kd > > ~ ’
doyiis sVDeLGY Exaréoav Exatépe, af an’ alTHV RADETOL
aydusvar éml va émimede, v olg elow of & doyijs
yovial, [Gor alijlaws elolv. Omeg éder dsitae.

1. #éover V; dein 1 linea eras. 2. ZN] corr. ex ZM B.

oy B. 3. gloww looan V. 4. elo/ P, comp. Fb. mepe-
éyovae Vb, b, ot/ V, comp. Fb. 7. {oe] post ¢ del. « m.

2P, 8 4K@®)K®ecorr. V. 9. dN] N corr. ex M Bb.

10, AM”'N’ b. 11, 4M B, sed corr.; item lin. 14. 12 26



ELEMENTORUM LIBER XI. 123

latera reliquis aequalia habebunt [I, 26]. ergo I'K
= ZN. sed etiam AI'= AZ. ergo duae rectae
A, 'K duabus 4Z, ZN aequales sunt; et rectos
angulos comprehendunt. itaque 4 K = 4 N. et quo-
niam A® = AM, erit etiam 4@ = 4 M:. uerum
A®® = AK® 4 K@% nam [ AK® rectus est [I, 47];
et AM?P = AN?4- NM? nam [ ANM rectus est
[id.]. itaque 4K*®+4 K@ = AN% 4 NM? quorum
AK® = AN itaque K@= NM® et KO = NM.
et quoniam duo latera @4, 4K duobus MA, AN
singula singulis aequalia sunt, et basim @ K basi MN
aequalem esse demonstrauimus, erit [/ @ 4K = MAN
(1, 8]. :

Ergo si datis duobus angulis planis- aequalibus,
cetera, ut in propositione.

Corollarinm.

Hinc manifestum est, si datis duobus angulis pla-
nis aequalibus in iis aequales rectae sublimes eri-
guntur angulos singulos singulis aequales cum rectis
a principio datis comprehendentes, rectae ab iis ad ea
plana perpendiculares ductae, in quibus sunt anguli
ab initio dati, inter se aequales sunt.!) — quod erat
demonstrandum.

1) Nam demonstratum est (lin. 13), esse K@ = N M.

dn¢ — 13. {ov/] mg. m. 2B. 12. 77¢] (prius) om. P.

18. ¢] corr. ex tov V. @K] e corr. V. 14. Séo]Fai' dvo
b. 17. MAN édorv) in ras. m. 1 P. 18. ooy F.

foae émimedos P. 19. zj¢ meorccsws] P; om. BFVD,

20. wéptope] mg. m. 2 FV, 22. loon] e5@Vyoappor loar
Theon (B FVb). {émoradéoy PBF. adras P.  23. loas)
om; b, 26. onee £0e dsitar] P; om. Theon (BFVb).
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‘Edv toeig e0delat dvaloyov a6y, 10 éx tHV
1oLV 6tegely magalinieninedov icov ozl Tdh
amod tijg wéeng 6reped magadiniemimédeo ldo-
nhevow uév, (doywvip 0% e moosonuivo.

"Eotwcav toels evdeiar avdloyov af A, B, I, dg
7 A meog v B, ovrwg § B meds v I' Adym, O
©0 éx vov A4, B, I' orepeov ioov dorl td dmo tijg B
oteQeq) (GomAsvom wév, loyavip Ot vd moosonuéve.

‘Exxsio¥e oregse yovie 7 modg 16 E megueyoudvn
om0 tév vnd AEH, HEZ, ZEd, nol xslodo T
utv B ion éxaory vév AE, HE, EZ, ol cvumwemwiy-
06odw 10 EK oveoeov magpadiniemimedov, vy 0% A
fan § AM, xel ovveordre meos tij AM e0dele xal
T meos avri] onuelp e A v meds tg E 6vepsd
yovig oy 6rspea povia § megisyoudvy vnd réov NAJ,
EAM, MAN, xal xelobo tf wlv B ion y AE, 5
0t I' lon ® AN. =xal énel éovwv g §) A meog Ty
B, otrwg 5 B modg tav I, lon 0% % uiv A vf] AM,
% 0% B éxavépq vav AE, EA, 4 0¢ ' tfj AN, 6w

1. 1s’] non liquet in F. Hinc usque ad finem libri XII

b tanto opere discrepat, ut scriptura eius integra in appen-
dicem reiicienda fuerit, 2. da V. 3. oregev F; -ov in
ras. V. doziv V, sed corr. 4. orzeci] om, V. 8. 16] postea
ins. m. 1 P. #x) dmé B, vmé FV. Post I' supra add.
mequeyduevoy F.  ‘oreeedw] -6v in ras. V. 10. ©6] corr. ex
7 V. 11. Post prius 976 add. toidv yovidy émnédoy m.
rec. FV; 9mo roudy y. é. mg. m. 2 B; in textu =6 del. m. 2.
owé] (alt.) om. BFV. 12. HE] EH P.  EZ] corr, ex
ZEN. 14, [on neloBPo B. 16. oreeea yovia] P; om. Theon
(BFV). 17. MAN] Me corr. V. 18. Post AN add. »al ovu-
nendnedodo 16 A® oregedv FV, in V punctis del.; & e corr.
. 20. &xotége] P; éxdery Theon (BFV). 4X5] 45, EZ,
EH Theon (BFV). Ed]corr.exEH V. Ante I''ras. 1 litt. B.
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XXXVL

Si tres rectae proportionales sunt, solidum paral-
lelepipedum ex tribus illis constructum aequale est
solido parallelepipedo ex media constructo, quod aequi-
laterum est et priori aequiangulum.

Tres rectae proportionales sint 4, B, I, ita ut
sit 4/:B=B:I. dico, solidum ex A4, B, I" con-
structum aequale esse solido ex B constructo, quod
aequilaterum est et priori aequiangulum.

ponatur angulus solidus ad E angulis 4EH, HEZ,
Z E 4 comprehensus, et ponatur F E=HE = EZ =B,
et expleatur solidum parallelepipedum E K, ponatur!)

(<]

K
54 a
M 1 Z E
A4
B
r

autem AM = A4, et ad rectam 4M et punctum eius
4 angulo solido, qui ad E positus est, aequalis angu-
lus solidus construatur angulis NA%, EAM, MAN
comprehensus [prop. XXIII, cfr. prop. XXI], et po-
natur 45 =B, AN=1TI. et quoniam est 4:B
=B:I" et A =AM, B= A5 = EA%), I'= AN,

1) Intellegitur xelodw ex lin. 11; sed fortasse uerba xal
— mogaddnlemwinedoy lin. 12 —13 interpolata sunt. cfr. lin. 18,
2) Propter sequentia exspectauneris B = EZ = A4E.
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doo &g 1 AM mods v EZ, ovtwg ) AE meog v
AN. xol wepl iowg ywvieg rag vmo NAM, AEZ
af micvgal dvuimendvdacw: loov &pe dotl 0 MN
nwoapeilnioygapuor @ AZ megaAinloyoauuw. xal
émel 0vo yoviaw émimedor e0@Vpgaumor loor slolv af
Um0 AEZ, NAM, xal én’ avrdv usréwgor svdelar
épeovaoy of AF, EH loaw ve aAdjieig xal lag yeo-
viag megiégovoar pera tov & doyns svdaov éxaréoav
Snovéoa, of doo amd tav H, 5 enuslov xadevor dyd-
pever nl v O v NAM, AEZ ininede i
addjhoaug slotv dore va 4@, EK orspee Umd to atdtd
vpog éotiv. vo 0% éml l6wv Pocewv orsgen magadini-
enimede nal vwo TO alrd Uyog l6a diljAog doviv:
loov dga dorl ©0 @A ovegeov 16 EK oveged. xal
dote 10 piv AO v éx tov A, B, I' 6regedv, vo 0%
EK ©6 dmd vijgc B ovepedv' 1o dpa éx vov 4, B, I'
orepeov mwagaldndeninedov loov dorl e dmd vijg B
0TEQe (GomAsvop uév, lGoyovin 0 T moosonuive*
omeg &€& deitou.

it

? Y 4 L) 3 ’ 3 .

Ecv tée6cageg evdelar avdioyov wov, xal
te an abrov Orvegea magalinlemimedo Guoca
7& xal opolwg avapgapdusve avdloyov f6Tar
xal éav 16 ax’ avTOV Orsgea magalinleninede
Suoird 7& xal bpoiwg dvaygagiusve dvdioyov
1, xal adrel al edfsias dvdloyov Ecovral.

2. AN] NAP. 6.%xlafB. zd9sion] om.FV. 8. fxe-
tégav] supra F. 10, {oa V, sed corr. 11. 40 P. 12. dorl
PBYV, comp. F. 13, énél corr. ex énf{ m. 2B, Zelv- ioov
&oe] om. o. 14, dotl] éoriv P. OA P2 15 40 P.
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erit AM: EZ = AE: AN. et latera aequales angulos
NAM, AEZ comprehendentia in contraria ratione
sunt.!) itaque MN = 4Z [VI, 14]. et quoniam duo
anguli plani rectilinei aequales sunt 4 EZ, NAM, et
in iis sublimes erectae sunt rectae 4.5, EH, quae et
inter se aequales sunt et angulos singulos singulis
aequales cum rectis a principio datis comprehendunt,
rectae a punctis H, 5 ad plana per NAM, AEZ
ducta perpendiculares ductae inter se aequales sunt
[prop. XXXV coroll]; quare solida 4@, EK eandem
altitudinem habent. solida autem parallelepipeda, quae
in aequalibus basibus sunt posita et eandem altitudi-
nem habent, inter se aequalia sunt [prop. XXXI]. ita-
que @4 = EK. et 4O solidum est ex 4, B, I' con-
structum, E K autem solidum ex B constructum. ergo
solidum parailelepipedum ex 4, B, I' constructum
aequale est solido ex B constructo, quod aequilaterum
est et priori aequiangulum; quod erat demonstrandum.

XXXVIL

Si quattuor rectae proportionales sunt, etiam solida
parallelepipeda in 1is similia et similiter constructa
proportionalia erunt; et si solida parallelepipeda in
rectis similia et similiter econstructa proportionalia
sunt, etiam rectae ipsae proportionales erunt.

1) Cfr. p. 83 not. 1.

6zegeov] om. V. 17. mopalnd’ enimedov, ut semper fere, P;
hic’ in"o mut. m. 2; item lin. 24.  20. 1¢’] non liquet in F.
2L dor V. 22 mapedlnle éninede F.  23. forar] miro comp.
F (corr. ex <.%). 24. maodiinie imimeda F.
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" Eerooer téceageg svdslow avadoyov af AB, I'd,
EZ, HO, og 1) AB mpog mjv I'd, otrwg 7 EZ moog
vy HO, xal avaysypigpdwcay and vév AB, I'd,
EZ, HO Gpowd 1 xal duolwg xelucve oregen maQei-
ApAeninede ve KA, AT, ME, NH* Aéyw, ot Zotiv
g 10 KA medg ©0 AT, otnwg v6o ME meos to NH.

’Enel peo Ouowov éot 10 K A ovepsov magadini-
ewimedov vy ALy, 10 KA &oa meog to AI' toimda-
alove. Abpov &ger fimee 7 AB medg v I'd. i te
avre 07 xal ©0 ME medg ©0 NH roumiaciova Adyov
&ev fimeg v EZ meog vy HO. wxal éotwv ag 1) AB
noog v I'd, ottwg % EZ meds iy HO. xel og
dpa 70 AK mpdg 10 AT, otrmg 160 ME mds vo NH.

"Arde 07 Eotw g 10 AK otegeov mpog vo AT
018066V, oltwg 10 ME 6vepedv mpog vo NH' iéya,
ot dotly g § AB s0dsle meog v I'd, otrws 7
EZ mgog v HO.

‘Enel yap mwadw ©0 KA medg 10 A" rouwdaciove
Adyov &g fimeo | AB medg v I'A, éxge 0% xal o
ME mgds 10 NH touwdaciove Adpov fiwep 1) EZ moog
i HO, xal d6tv og 10 KA meos 10 AT, ovramg
10 ME mods ©0 NH, nal &g doa 7 AB meos tnw
I'd, ovrws 7 EZ mpog v HO.

Eov &oa viceages ebdeiar dvdloyov @or xel ta
éEqg Tijg moordecwg’ Omep & delar.

4. Ante ze¢ m. 1 del. otegea F. 5. AT'] AT, AMF,
7. Suotov] om. Theon (BFV). {doriwB. 8. AT Guoiov Theon
(BFV). 12. %9 EZ)EZF. oxaf]lom. B. 13 NH] H non
liquet inF. 14. AT] 'd V. 15. otseedv] om. V. EMYV.
orzoedv] om. V. HN V. 18. KA)] 4 eras. P. 19, £ge1]
(alt.) é0elydn V. 20. NH] ME F. Léyov fxov V.
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Sint quattuor rectae proporﬁonales AB, I'4, EZ,
H@ fita ut sit AB:I'd — EZ: HO, et in 4B, I'4,
EZWHO similia et similiter -posita construantur so-

X A
O

Z

lida parallelepipeda K4, AT, ME, NH. dico, esse
KAd: AI'=ME: NH.

Nam quoniam KA ~ AT, erit KA4: AT = AB®
SI'4® [prop. XXXIII]. eadem de causa erit etiam
ME:NH=EZ°: H®%. et AB:I'd=EZ:HO.
quare etiam AK: A'= ME: NH.

At uero sit 4K: AI'= ME: NH. dico, esse

AB:I'd = EZ : H®.

nam quoniam rursus K4 : A" = 4 B3: I"4® [prop.
XXXIIl),et ME:NH=EZ}: H®® et KA: A'= ME
: NH, erit etiam 4B:I'd = EZ: H®.

Ergo si quattuor rectae proportionales sunt, et
quae sequuntur in propositione; quod erat demon-
strandum.

21, AT) A e corr. m, 1 F. 24, dov nel vd] doww F.  doww
B. De propositione, quae uulgo est 38, u. app.

Euclides, edd. Heiberé et Menge. IV. 9
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‘BEev xvfov tdv dxmevavriov éminédov ol
nwhsvoal 8iya tunddov, e 0% tév Toudv dnl-
neda ExBAndf, n xowvy Toun tev minédmv
xal % Tov xvPov didusroog Oiya Téuvoverv
aldqies.

Kvfov yop 1ot AZ tév amevavriov émimédav
rév I'Z, A® of mlsvoal 8iya rerpwiedwoay xard Ta
K, 4, M, N, [E, II, O, P onusia, dia 0% tév To-
udGv énineda xfepriicdm te KN, EP, xows 0% vour
oy émnédov Eorm § TX, vov 0% AZ wfov diayan-
viog | AH. Aéyo, 8ue loy dotiv 4 udv TT v T,
n 08 4T v5j TH.

‘Enctevydocay yap of 47, TE, BX, TH. xal
énsl mepdddnddg éoviv ) A5 <ff OF, of édvadlef yo-
view of vmd AET, TOE leow alinioig &lolv. xal
énsl loy dovly 7 wtv A5 5 OE, 5 8¢ ET v 70,
xel yoviag loag megiéyovaiy, fdoig doa B AT i
TE Zetwv ion, xel 6 45T tolyovov v OTE voi-
yove fotlv loov xel af Aomal yovier vels Aomals
yoviag lea: lon doa 7 vml ETA yovie v Omd
OTE yovie. Owx 07 vodro evdeic dorwv 1 JTE.
dwx ra avte 01 xal ) BEH g0dcia dorw, xal lon 7

1. 28’ codd. 2. xvfov] 0T80E0y nogolinleminédov Theon
(BFV).  amevayriov] corr. ex amgvoyriov m. 1 P, 3. zuy-
dooe FV. 4. éxfinti n glnﬂst’n F. b. wvﬂov] ﬂ:egsou
nagaunlsumsé‘ov Theon (BF 7. xvfov yag) oregsov yae
naeallnlsnms&w Theon (BFV) 10. KN ras. 2 litt. V.
EP| & e corr. P, eras. V. tdv émméidov topr] BFV,

11, xvfov] cvegeod ﬂaoaunzenmaaov Theon (BF"V) 12. 7]
foto 1? 17 ote) om. F; o of (7 VF) T3, 4E dlya

‘ts{.wovdw &Alidag, vovtéony dve BV et mg. m. rec. F. ion
éozv] om. BFV. TZX ton éetlv BFV. 13. 4T) T4 P
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XXXVIIL

Si in cubo') latera planorum inter se oppositorum
in duas partes aequales secantur, et per puncta sectio-
num plana ducuntur, communis planorum sectio et
cubi diametrus inter se in duas partes aequales se-
cabunt.

Nam in cubo A4Z latera planorum inter se oppo-
sitorum I'Z, 4@ in duas partes aequales secentur
in punctis K, 4, M, N, 5, II, O, P, et per puncta
-sectionum plana ducantur KN, 5P, et communis pla-
norum sectio sit 1%, diametrus autem cubi AZ sit
4dH. dico, esse YT = TX, 4T = TH.

ducantur enim 47, TE, BX, ZH. et quoniam
A4E rectae OE parallela est, anguli alterni 457,
TOE inter se aequales sunt [I,29]. et quoniam 4.5
= OE, 5T ==170, et aequales angulos comprehen-
dunt, erit 4T = TE et 457 = ODE, et reliqui
anguli reliquis aequales (I, 4]. itaque . 74 = OTE.
quare recta est 4TE (I, 14]. eadem de causa etiam

1) In hac scriptura tuenda consentiunt Campanus, Bono-
niensis, Vaticanus P, quamquam in hoc legitur mg. m. 1: ye.
éav oregsod magoddnlsmiwidov. sane eadem demonstratio de
quouis parallelepipedo ualet, sed cum propositio de cubo solo
demonstrata propositioni 17 libri XIIT, cui soli inserunit haec
nostra propositio, satisfaceret, Euclides hoc casu speciali con-
tentus fuit.

14. yag] om. F. BZX] corr. ex BE m. 2 F. 15. of]
supra m. 1 F. 16, «f] om. F. &le(V, comp. F. 17. OE]
OEF. 18. mequégover V. tff] Baose o FV. 19, lon ozl
V. TOE B; OT"E' F; OET, supra ET ras., V.  20. {oo»
fotiw B. 21 loor] om. BF; loar foovron énavéga &navéee V.

22. OTE] TOE B; supra TE add. -- et - m. 2 F.

23. éott PV, comp. F.  lon] supra scr. m. 2B.
9*
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BX vjj XH. =xal émel 5 I'd ©fj 4B ion éovl xal
negddinlog, ¢dde § I'A »el vfj EH lon ©é ot xal
magadiniog, xal 7 AB édoa ) EH lon vé dove xal
mwepadindog. xal émfevyvvovew avrag evdelar al
4E, BH" magaliniog dga Zotlv 1) AE vjj BH. ley
doa 5 v Vwo EAT yovie vjj ond BHT' évalia
pdg’ 1 0t vmd ATYT i vmo HTZ. dvo 0% rolywve
éots 16 ATT, HTZX zag 0vo yovieg reig dvel pe-
vioug loag Eyovve xal play misvoov mid mAsvod lonw
Ty vmorelvoveay Umd plev tév lwv yovidv T
AT v HE" quiesion pag slow tov AE, BH- nal tag
lotwag mlsvgo‘cg tels Aowmais mAevoels loog Eea. oy
doe 1 putv 4T vj TH, 5 8¢ TT vj; TZ.

’Eav doa x0fov tav dxsvavriov émmédav ol wlevoal
0lyo tundGow, die 0t tov vToudv émimeda xPindi,

1, ZH) in ras. V., ]vcorr ex of V doriv B; item
lin. 2, 3. 2. xai ‘t@ i F 3. e om.V. EH) H
e corr. F; EH ugot 5. Post alt. BH add. Theon: xal
ellnnron dg’ anatseag avTéY TVYvTe onpeln wd T(4,ET
F), H, Z, nal insfevydocey ade T & £vl doa sioly
enmsd‘m of AH, TX. wnol éxel nugallnlos so‘rw 1 4E ti BH
(BFV). Dein in FV seq. ual sfg avTag spnam:muev s0dein %
4H. 6. uév] om. B, 7 8] forw Ot 7 B. HTZX]
TX in ras. m. 1 P; HTX idn B 8. éosv B. 9. nlsvoow]
om. V. 11. slaw B. 18. 4T] 4 e corr. V. 14, uvﬁov]
otepeod mwagaldnieminédov Theon (BFV); item p. 184 lin. 1
15. tundada V.,



ELEMENTORUM LIBER XI. 133

BXH recta est, e¢ BX = XH. et quoniam I'4
rectae 4B et aequalis est et parallela, et I'4 etiam
rectae EH et aequalis et parallela est, etiam 4B
rectae EH et aequalis est et parallela [prop. IX].

4k Z
Q \ 0
1 \Q
n E
T
By )
T 3 ~<
4 ¥ 2

et eas coniungunt rectae 4E, BH. itaque 4 E rectae
BH parallela est [I, 33]. itaque!) [ E4AT = BHT
(nam alterni sunt) [I,29], et L 4TY = HTX [I, 15].
quare duo trianguli sunt 4TT, HTZX duos angulos
duobus angulis aequales habentes et unum latus uni
lateri aequale, quod sub altero angulorum aequalium
subtendit, 4T = HXY (nam dimidiae sunt rectarum
AE, BH), et reliqua latera reliquis lateribus aequalia
habebunt [I, 26). ergo 4T= TH, PT= TZ.
Ergo si in cubo latera planorum inter se opposi-
torum in duas partes aequales secantur, et per puncta
sectionum plana ducuntur, communis planorum sectio

1) Nem 4E, 4H, BH in eodem plano sunt (prop. VII).
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7 xown voun tev mwédov xel § vod xvfov did-
pergog Oiye téuvoveww dAifjieg: omeg F0e Oelfa.

A9
‘Eav 7 0vo meiopara [6oipij, xal 10 ptv &gy
5 fdowy magadinidyoaupov, to 0% tolymvor, di-
nmAddiov 0t 7 70 mwagaliydoygapuov Tod TEIL-
ywvov, ida f6tar Ta melopata.
"Eoro 6vo molouata (oovyy t@ ABIAEZ,
HOKAMN, xal ©0 udv éyéro ficww 10 AZ megeh-
10 AnAdyoauuov, 7o 8% o HOK zolyovov, dimidsiov Ok
éo6tm ©0 AZ magalinidyoauupov vov HOK vouywvov:
Aéyw, Gve laov d6vl 160 ABI'AEZ moloue 1o HOKAMN
nolouart.
SvunemAnoeaicdwn yag te A%, HO ovepsd. émel
18 duwddowoy dote 16 AZ mapalinidyoapuov vov HOK
roydvov, fov 0% xel 16 @K magainAdyeaumov
dimddeiov oo HOK rouydvov, loov dge dotl 10 AZ
negaAdnidyoauuor té OK mepelinlopedpum. ta OF
énl lewv Pdesov ovta orvegee mageAinlemimsdo xal
20 Umd 70 avrd Vyog ioa ddljlowg doriv: leov dpa fovl
i AJE ovegsov v HO oregeds. xal éove vod ulv
A oregeot fuuov 10 ABI'AEZ moloua, tov 43
HO oregeov fjuuov 0 HOKAMN mploua: loov

3. p’ codd. (in F seq. ras. 1 litt). 10. 84] 8% dowmow F.

6] 0 e corr. m. 2 B.  dumldoioy — 11. ziydwov] om, F,

14, HO] in ras. m. 2 V; H e corr. m. rec. P,  Ante éme/
add. xe/ m. 1—2 V. 16. foriv B.  fore — 17. toiyavov] mg.
m 2V, 18. 8¢] & F. 20. {oa) om. F. Zmu’v] dotly
fooy F, éotly loa m. 2. 21. HOJ O non liquet FV. = Zorwy
B. 22 ABI'JZE F, corr. m. 2. = 23. HO? F.
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et cubi diametrus inter se in duas partes aequales se-
cabunt; quod erat demonstrandum.

XXXIX.

Si duorum prismatum eandem altitudinem habentium
alterum basim parallelogrammum, alterum triangulum
habet, et parallelogrammum duplo maius est triangulo,
prismata aequalia sunt.

Duo prismata sint 4BI'MEZ, HOK AMN eandem
altitudinem habentia, et alterum basim habeat 4Z
parallelogrammum, alterum triangulum HGK, et sit
AZ = 2HGK. dico, esse ABT4EZ = HOK AMN.

expleantur enim solida 4%, HO. quoniam 4Z
= 2HOK, et OK = 2HOK [I, 34], erit 4Z = OK.

B a4 M 0
\

Z N
4 e
E Z

H K

solida autem parallelepipeda, quae in aequalibus sunt
basibus et eandem altitudinem habent, aequalia sunt
[prop. XXXI]. itaque 45 = HO. et ABI'4EZ
=} A%, HOKAMN = { HO [prop. XXVIII}. ita-
que ABI'4EZ = HOKAMN.
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toa éorl ©60 ABI'AEZ mgloux 16 HOKAMN
nmoloper.
‘Eav doa 5; dvo molduara lGovyi), xal vd udv &y
paoww magadinddygappov, ©o 0t rolywvov, diwddoiov
5 0¥ 7 70 mugalinAdpgauuov Tod ToLywvov, loe doTl Te:
molouara: Omep E0er Ostbau.

1. melopax] om. BF. 3. #yee @ et P (corr. m. 2).
Evnleldov crowyelwy i PF; Edulsldov cregedv iv B.
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Ergo si duorum prismatum eandem altitudinem
habentium ‘alterum basim parallelogrammum, alterum
triangulum habet, et parallelogrammum duplo maius

est triangulo, prismata aequalia sunt; quod erat de-
monstrandum.?)

¥ 0O
1) In PB figura haec est: s ‘lv 4
A‘V EA‘V

Deinde haec sequitur addito sagpg (sepeoréea B) xarayoaes

s M 0
4
Ar——;] ®
B[ ¢ al Sy
2
T K

In B in fig. alt. pro E est B, et B in 4 mutatum est.
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Ta év rolg xVxloitg Opota mwolvywve mEoOg
&Adnid dotiv dg Ta amd TOv dlaufrpOv TE-
Tpaymva

"Eerocay xvxdot of ABI', ZHO, xal év alrolg
ouoia moAvywve Eé6tw v ABI'AE, ZHOK A, Oud-
pergor 0% v wvxdeov formeev ol BM, HN' léyw,
ote dotlv g 10 amd vijs BM revpdyavov meds TO
and vijg HN zevgoyavov, otrawg 10 ABIAE modv-
yovov meog 160 ZHOKA moAvyavov.

Enstevydwoay pop of BE, AM, HA, ZN. xal
énel Opowoy 10 ABI'AE moivywvov t¢9 ZHOKA
nolvywve, len éorl xal 7 vwo BAE yovie vfj Omd
HZ A, ol éovwv g ) BA mpog iy AE, otrwg 3
HZ ngog vy ZA. &vo O volyove éevt 1 BAE,
HZA plov yoviey pe yovig lony égovie wiy vmd
BAE vfj vmd HZ A, mepl 0% tag loag yovieg vag
mwAevpag dvidoyov: (6oyaviov dga éotl vo ABE toi-

Eduleldov crowgelov 1f P; Eduleldov arvoigelov iy Ofe-
vos éxdéoews 1 F; Evxlsldov oregedv B oroiyelwy ¢f BV; Eij-
uletdov ¢f 0 1. @’) om. V. 2. wolvydme B. 5. Ante nv-
uldoe eras. foor V, ABT'd4E, ZHO®K 4 Theon (BFVq).

6. molvydvie B. 7. 1éyw] w e corr. V. 8. BM) B supra

ser. V. 9. molvydwior B, item lin. 10. 12. dour 70 BVq.
18. dotl nal] Zotly q; dorlv nal B.  ©mé](alt) bisF. 14 HZA]



Liber XII.

I

Similia polygona in circulis inscripta eam inter se
rationem habent quam quadrata diametrorum.

Sint circuli 4BI', ZH®, et in iis inscripta sint
polygona ABI'4E, ZHOK A4, diametri autem circu-
lorum sint BM, HN. dico, esse

BM?: HN®* = ABI'4E:ZH®GKA.

ducantur enim BE, 4M, HA, ZN. et quoniam
ABI'dE~ ZHOK A, erit | BAE=HZA et BA
tAE-=HZ:ZA4 [VI def 1). itaque duo trianguli

I 6 K

sunt BAE, HZ 4 unum angulum uni angulo aequalem
habentes, [ BAE — HZ 4, et latera aequales angulos
comprehendentia proportionalia. itaque triangulus 4 BE

inras. m. 1 P; HZ in ras. m. 2B.  wj»] zj F. 16. HZ 4]
H"Z A F (puncta post add.); ZHAV, HAZ Bq. twijpv] wiv V.
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yovoy v ZHA vouysdve. ion doo éotly 7 oo AEB
yovie ) vwd ZAH. @A)’ 7 uydv vwd AEB vjj vmd
AMB éonwv lon éml pap vijg evrig megupegelag Pe-
prixesiv: f 0% vmé ZAH zfj vméo ZNH' xal 5 vmd
5 AMB dge ) vnd ZNH éouy loy. &oti 0% xal S0n)
7 9md BAM 097 tfj vmd HZN lon' xal 3 Aoimn
doa tij Aoumf) éovy loy. lgoymviov dge dotl v0 ABM
rolyovov 9 ZHN touydve. dvaioyov dea fotiv dg
7 BM ngég vqv HN, ovrtws %) BA meds vy HZ.
10 @Ade vod udv vijs BM mgog vy HN Abyov dimdaciov
éotlv 6 To¥ amd vijs BM vergaydvov mpog TO amod
viis HN zergayovov, ot 0% vijg BA mpog tqw HZ
dumdaoloy dotlv 6 tob ABI'AE molvydvov mgds tod
ZHOK A modvywvov' xal &g &pe ©d damd viig BM
16 TeTdyovov medg TO and i HN rergdywvov, otrmg
10 ABT'4E moivyovov mgog ©0 ZHOK A molbyavov.
Te doa év Toly xvxdoig Ouora molbyove mEdg
dAAnid dorv g T amd THYV Oepdroev TETedyovar
Omep &dsu Osibar.

20 g
Ol x¥xdot meds alddijiovg &loly ag Ta amd
TOY JiauéTomr TeToRYOYVA.
"Eotwoay xvxio. of ABI'4d, EZHO, didusrgor
0 atrov [forocev] of BA, ZO' Aéyw, ov dotlv dg
26 6 ABI'A x¥xdog mpog tov EZHO xvxiov, oDrmg vo

1. ZHA) corr. ex ZAHV, ZAH B, HZA 9. 2. ZAH)
ZH'4"E. 8. Supra ueoupsesfac m. reo. add. mg 4 P.
4, 0é]48 P. 5. dxd] bis V, forv B. n 7 yovie
7 F ABMF. [lon] om. B. 4] om. q. . AMB B,
9. HZ] H in ras. m. 1 P. 10. MB V. 12 8é]
and F, et dol. and V. 24, forwcay] mg. postea add. m. 1
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triangulo ZH A aequiangulus est [VI, 6]. quare
L AEB—= ZAH. sed [ AEB = AMB (nam in eodem
arcu positi sunt) [II1, 27], et L ZAH = ZNH. quare
ettam [ AMB = ZNH. uerum etiam

L BAM == HZN; nam uterque rectus est [III, 31].

itaque etiam reliquus reliquo aequalis est. triangulus
igitur 4BM triangulo ZH N aequiangulus est. quare
BM:HN = BA: HZ [VI, 4. uerum BM?*: HN*®
ratio duplicata est quam BM: HN, et
ABTAE: ZHOK A — BA®: HZ® [VI, 20).
itaque etiam
BM?: HN® = ABI'4E: ZHOK 4.

Ergo similia polygona in circulis inscripta eam
inter se rationem habent quam quadrata diametrorum;
quod erat demonstrandum.

II.

Circuli eam inter se rationem habent quam qua-
drata diametrorum.
Sint circuli 4BI'd, EZH® et eorum diametri
B4, Z6. dico, esse
ABI'A4: EZH® = BA®: ZG®.

II. Simplicius in pbys. fol. 15. Psellus p. 68.

4dBF. ls'ym — p. 142, 5. aig 70 dnd)] Léym, o oTe io‘tlv ms 1:o ano
g B4 TETQUY@YOY (comp add. m. 2 V) meos 10 omo s 2O
ts-rpuymvow (om. V) oftwg 6 ABI'A nvulos mweds tov EZH [2]
xvulov el yag y.n iam (hlc seq. in q: 6 ABI'd nvxlog npog
tov EZHGO) d¢ T6 ano Tig B4 TETQAYWVOY (om V) nqog 70
ano g 26 (tszpaywvov add. Vq), ovtmg 0 ABI'4 mmlos
ngbc 1:ov EZH@ nuxioy (ovrmg — udndov om. q), foror dg
70 ano (meog zdv — omo om. F) BFVq et P mg. m. 2 (ye.
xel obrog et in fine i) dfra yoagi nal nesirrov fotiv),
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and vijg BA terpdywvov meds to awd tiis Z@ tered-
yovo.

E! pop w1 éorw og 6 ABI'A xvxhog meog tov
EZHG®, otros 16 and tijg B4 rerpdywmvov meog o
dno tijg 2O, éovar g T and viig B4 meds 1o and
i Z@®, otrwg 6 ABI'A xinlog firo. mpog EAacadr
7¢ 100 EZHO xbxdov ywelov 1 medg usifov. E6rem
mootegov medg EAadoov 10 Z. xal yyeygapde &l
vov EZHO xvxiov tergdyovov ©0 EZHO®' 1o oy
épyeygappudvov teTgayovov usifdv ot 14 1O fjuiov
100 EZHO xvxdov, éneldijmeg dov Ok védv E, Z,
H, @ oquslov {pamvoudveg [e0@elug] wot xvxdov
ApayOuEy, TOU TEQLYQaPOUEVOV TEQl TOV %KUxAOV TETOM-
yadvov fuev éott ©v6 EZH®O terpayovov, vot 02 mege-
yoopévrog Tevpayavov Zldrrov dorly O xvUxlog’ @ove
10 EZHG@ Zypsyoauuévov tergayavov usifév éove tov
nulocwg vov EZHO xvxdov. tevpiedocey 0lye af
EZ, ZH, HO, OF meoipépsiar nove: e K, A4, M,
N oqueie, xal énslevydwcay ol EK, KZ, ZA, AH,
HM, M®, ®N, NE' xal &acvov dge tov EXKZ,
ZAH, HM®, ONE zowydvav psilov Zotww 1 =c
fjuLov Tov xed’ Eavrd Turfuarog Tod xvxdov, éwediymeg
éov Oia vov K, A, M, N oquelov dpaxtouévag tob
xxdov dydyousy xel dvewinowcousy To nl Tov
EZ,ZH, H®,®E e08s6v nagaAinidygauue, xecroy

3. 6] supra m. 1 P. 5. #ijg B4 — 6. xvxdog] om.F.
5. Bd vergayovoy V. 7. w] om. V; supra fdaccov ras. est.
xUxlov) supra scr. m. 1 V. 9, EZH®)] (alt.) Esupram. 1 V,
o) 06 FV. 12. edPelog] om. BFVq. 18. Oudyopey
Bq, dwxydyouey B m. 2 et F (§:- euan.). 16. {ldoowy ¢.
17. nuloeog BV q. 18. ®E] supra m. 2 B. 20. EXZ}
Zecorr. m. 1 V. 21. HM®]| H e corr. n; ® HM®O, del.
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Nam si non est 4BI'4: EZH® = B.A*: Z&, erit
ut BA?: 267 ita 4BI'4 aut ad minus aliquod cir-
culo EZH® spatinm aut ad maius. sit prius ad mi-
nus, Z. et in circulo EZH® inscribatur quadratum
EZH® [IV, 6]. quadratum igitur inscriptum maius
est quam dimidium circuli EZH®, quoniam, si per
puncta E, Z, H, ® rectas circulum contingentes duxe-
rimus, quadratum EZH® dimidium®!) est quadrati
circum circulum circumscripti, et circulus minor est
quadrato circumscripto; quare quadratum inscriptum
EZH® maius est quam dimidium circuli EZ HG.

Iy

iam arcus EZ, ZH, HO®, OF in punctis K, 4, M,
N in binas partes aequales secentur, et ducantur EK,
KZ, Z4, AH, HM, M®, ®N, NE. itaque etiam
singuli trianguli EXKZ, ZAH, HM®, @NE maiores
sunt quam dimidia segmentorum circuli ad eos perti-
nentium, quoniam si per puncta K, 4, M, N rectas
circulum contingentes duxerimus et parallelogramma
in rectis EZ, ZH, H®, OF posita expleuerimus,

1) Hoe facile ex I, 47 demonstratur, coll. VI, 20 coroll.

pr. ® et supra scr. bis M F. @NE] supra add. N m. 2F.
22, favrd] corr. ex fawréy m. 2 B, 25, Post Fxaovoy
add. dox m. 2 F.
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tév EKZ, ZAH, HM®O®, ONE toiydvav juiov
doror tot wa®’ Eautd megadinlopgappov, didé vo

‘x0® favro tuque Elatrdy ot Tov maguiinioyeauuov
-@ote Eneerov tov EXKZ, ZAH, HM®, ONE tgi-

yevav usitov ot vod fuicewg tov xad fovrd Twi-
pevog ToU xvxdov. tTéuvovres 0N vag UmoAauwopfveg
mepipspelag Olya xol émilsvpvivreg evdelug xal vovro
asl worotvres xavadslpoudy Tive amoTuipate Tod xvxiov,
& Eovau éideoova Tilg Umegoyiis, 1 vmepéyse 6 EZHO
xxdog Tob T qwelov. &dslydn phe év vH mowte
Dewgripore Tod dexdrov PifAlov, Or. 0Vo peysddv
avioov éxxepévov, dov amd toU pelfovos apaioedi]
petfov 4 10 Tuov xal vod xevedsimousvov psitov 7]
70 Nuiov, xol TovTo ael ylyvyren, Aepdioeral Ti wé-
yedog, O fotaw EAadooy Tov Exnusipévov éAcaoovog
uepédovs. Asdelpbm otw, xal dove va énl vov EK,
KZ, ZA, AH, HM, M®, @N, NE rtyjuave tod
EZHO wuixiov éAdvrova tijg Umegoyfis, 1 Umegéyst
6 EZHO wxvxlog tov X yoglov. Aomdy &ge o
EKZAHM®N molbywvov ueifov dote vod X ymelov.
dyyepodpda xal slg 1ov ABI'A woxiov vy EKZAHMON
modvyave Suotov moAvyevov t6 AEBOIIIAP: fouy
doa dg TO dnd vig BA revodywvov meos TO amld vig
Z® rergdywvov, ovrag 0 AEBOIIIAP molvyevoy
npog 10 EKZAHMGON molvpavov. adla xel ag
t0 amd vijg BA tergdywvov mpds o amd tijg ZO,
ottwg 6 ABI'A xbxhog mpdg 10 X ywolov: xel g
dga 0 ABI'A xvxdog mgog v0 X ywoiov, otrtmg 70

1. EKZ] KZ in ras. m. 1 P; EZK q. Post O NVE ras.

2litt. B. zeiydver] ¢ in ras. m. 2 B.  fpiov — 4. tuydivay]
bis B. 2. fawrd] corr, ex fxvrdy m. 2 B (priore tantum loco).
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singuli trianguli EKZ, ZAH, HM®, ® NE dimidia
sunt parallelogrammorum ad eos pertinentium, et
segmenta ad eos pertinentia minora sunt parallelo-
grammis; quare singuli trianguli EXZ, ZAH, HM®,
® NE maiores sant quam dimidia segmentorum ad eos
pertinentium. itaque relictos arcus secantes et rectas
ducentes et hoc semper facientes segmenta quaedam
circuli relinquemus, guae minora erunt excessu, quo
circulus EZH® spatium X excedit; nam in primo
theoremate decimi libri demonstratum est, si datis
duabus magnitudinibus inaequalibus a maiore plus
guam dimidium subtrahatur et a relicta plus quam
dimidium et hoc semper fiat, magnitudinem relictum
iri, quae minor sit data magnitudine minore. relin-
quatur igitur, et segmenta circuli EZH® in rectis
EK, KZ, ZA, AH, HM, M®, 6N, NE posita mi-
nora sint excessu, quo circulus EZH® spatiuom X
excedit. itaque EXZAHM@ON > X. inscribatur
etiam in circulo 4BI'4 polygonum AEXBOI'IIAP
polygono EKZAHM®N simile, erit igitur BA#* : Z6&?*
== AEBOTI'TAP: EKZAHM6N [prop. I]. uverum
etiam B4?: Z@* = ABI'4:X. quare etiam 4BI'4: X

3. avré P. #lagoov B (utroque loco), Vq; comp. F.
4. doze xal V. 6. nulosog BFVq. 8. alel F, ael ¢.
rwipare B. 9. fidrrova BFVq.  10. X] corr. ex E B.
12, #x- corr. ex £y- in ser. F.  18. xal — 14. 7juwov] om. P.
14, ing@joerar q. 15, fovar] dory FV. 16, lelijpdo
F et V (sed corr.); elljpdao q. 17. HM] mg. m. 1 P.
Tpipare — 18, umd.ov] mg. m. 1V, 18. EZHO] EZ6 V,
EZ q.  éldocove B.” 19. EZH®6] pro E c in ras. 9.
20. EZKAHMON P.  molvydwiov q.  22. potov] in ras.
m 2 V. Oinras, m. 1 B; "mg. V. 24. ofTmg — 26.
Z6] bis V, corr. m. 1,
Euclides, edd. Heiberg ot Menge. IV. 10
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AEBOI'TIAP moivywvov meog v60 EKZAHM®ON
modvyavov: éveddet doa og 0 ABI'A xvxdog meog
0 v avre moAdymvov, otrwg to X ywelov meds TO
EKZAHM®ON nolvywvov. pelfov 0t 6 ABILA xv-
xdog to¥ v avtd molvymvov' usifov dga xal v X
gwolov 100 EKZAHMON molvpdvov. dide xel
Earrov' Smep dotlv advwazov. ovx doa fetly og TO
and tig BA vevedyovov mpdg 0 dmd rijs ZO, ovrwmg
6 ABI'A nvxdog meog Elacady v vob EZHO xvxdov
gwolov. Opolwg 7 delbousv, Ot 000} dg vo anl ZO
mog 70 and BA, otnwg 6 EZH® xbxiog meog élae-
60v 7. 100 ABI'A xvxiov ywelov.

Aéyw 01, Ore 000 wg O amd tiig BA medg 1o
and tijg ZO, obrag 6 ABI'A xvxiog meds peildv o
t00 EZ HO xvxiov pwelov.

El yap Ovvardy, #6te mpdg psifov 1o X. dvd-
noedwv dga [dotlv] g tTO awo vig ZO rergdymvov
weog 10 amo vijg 4B, ottwg 16 T ywelov medg TOV
ABI'A xvxdov. add’ og 10 X yoplov mgdg vov ABIA
xUxdov, otrwg 6 EZH@ xvxlog meds éderrdv T 10D
ABI'A wixdov ywplov' xel ég dga 6 awd tiig 2O
medg 0 dwd vijg BA, ovtmg 6 EZHO xdxlog mpog
Eaoody v ot AB A xvxdov ywelov: Snsp ¢dvvarov
deydn. ovx doo dotlv &3 v amd vijg BA vevpd-
yovov medg 10 amd vijg Z®, ovrag 6 ABI'A xvxiog
noog pelfov . vov EZHO xixdov ymelov. £&0siydy
04, Ome 0v0t meodg Elacdov Eomww dga dg TO Ao Tijg
B 4 vevgayavov modg 16 and vijg ZO, otres 6 ABI'A
xvxdog mpog T0v EZHO xvxlov.

3. év avte) AEBOTIIAP V. 4. pelfowv] corr. ex pei-
fov m. 1 BY. 5. xof] supra m. 2 B. 7. dozlv] om. V.
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AEBOI'IT4AP: EKZAHMGON. itaque permu-
tando [V, 16]

ABI'A : AEBOITTAP = X: EKZAHM®N.
sed ABI'd> AXBOI'IIAP. quare etiam

EX>EKZAHM®N,
uerum etiam X < EKZAHM®N; quod fieri non
potest. itaque non est ut B4? ad Z@?3, ita circulus
ABI4 ad spatium aliquod minus circulo EZH6.
iam similiter demonstrabimus, ne circalum EZH®
quidem ad spatium aliquod minus circulo 4 BI'd eam
rationem habere quam Z®?: B 4%

Jam dico, ne ad maius quidem spatium aliquod
circulo EZH@® circalum 4BI'4 eam rationem habere
quam BA4?:Z@:%

nam si fieri potest, habeat ad X maius circulo
EZH®. e contrario igitur [V, 7 coroll] Z6&%: B4®

X:A4ABI'4. wuerum ut X spatium ad circulum
ABI'4, ita circulus EZ H® ad spatium minus circulo
ABI'A4 [u. lemma). quare etiam ut Z&%: B4%, ita
circulus EZH® ad spatium aliquod minus circulo
ABTI'4; quod fieri non posse demonstratum est. ita-
que non est, ut B4*: Z@®?, ita circulus 4BI'4 ad
spatium aliquod maius circulo EZH®. demonstra-
uimus autem, ne ad minus quidem eum illam habere
rationem, est 1g1tur BA4%:Z@* = ABI'4: EZHG.

dotly — dqe] supra m. 2 B. 8. 7ijg] om. Bq. ano Tijg]
om. V. Z6 tereaywvov BFVq. 9. flazrov B. 10. z7¢
Ze V. 11. =g B4 V. 18. 87)] a¢ FV. 009’ F.

17. {otiy] om. P. 18. 4B)] B4 rsrpaymvov V. 19, a1’
mc — 20. xvxlov] om. Q. 20. nvxloy] om. V; mg. m. 1:
wg Vg doei P. #lascov BV q. 24. B4J) 4B P.

27, meds] om. V. 28. BA4] 4B P. Z6O terpdyovoy BV,
10*
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Of dga xvxdor mwedg didnlovg eloly og Ta dwd TdV
dauérpov vergaymva: Omeg E0s dstbar.

Aijpuea.
Aéyo 87, Ot tov X ymglov pelfovog Svrog Tov
5 EZH® xvxlov éotly oog 10 X yoelov mweog tov ABI'A
avxhov, ovtwg 6 EZH® xvxdog meds Eerrév v tov
ABI'4 xvxdov yweiov.
Teyovéio yap @ t0 X yoelov mwedg tov ABI'A
xvxdov, ovtog & EZHO xvxdog meds o T ywelov.
10 Aéyw, Ore EAavrdy dove ©0 T ywelov tov ABI'd xv-
xhov. éxel yag doviv wg ©O T ywelov mpog vov ABI'A
xvxdov, ovtwg 6 EZHO xvxiog meds o T ywelov,
dvadddt domv og 10 T ymplov wedg vov EZH® xv-
xdov, oftwg 0 ABI'd wvxiog medg w0 T ywelov.
16 ueifov 0t ©o X gwolov vov EZHO xvxiov' pelfov
dpo nal 6 ABI'A xtxdog vov T ymglov. dore éotly
og 10 X ywelov meog tov ABI'd xvxdov, otrmg &
EZH® xvxlog meds Eiarvdy 1t 100 ABIA wixiov
qooglov: Omep #0s detfau.

’

20 Y.
Hiea mvgauls telymvorv Eyovaa faeiy deac-
pelrar &lg dvo mvoauldag loag Te xal dpolag
@AdfjAacg nal [bpolag] tff GAy Teiydvovg éyov-
cag PBacsig xal elg dvo molopara loa xal ta
25 0vo molouara uelfovd é6rviv % TO fuidv tijg
64dng mvoauldog.

3. Aijuge]) om, codd. 6. flagsoy BVaq. 7. xdxlov]
om, V. 9. zd] corr. ex to¥ m. 1 P. 10, fiasdor B, comp.
F. 12, xvxlog] om. V., 13. Z1 EF. 15. peifor] -ov
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Ergo circuli eam inter se rationem habent quam
quadrata diametrorum; quod erat demonstrandum.

Corollarium.?)

Dico, si EZH® > X, esse ut X spatium ad ecir-
culum ABI'd, ita circulus EZH® ad spatium ali-
quod minus circulo 4BI'4.

fiat enim X: ABI'd=EZH®:T. dico, esse
T< ABI'4. nam quoniam est X : 4B’/ == EZH®: T,
permutando erit [V, 16] Z: EZH® = ABI'A4:T.
sed £ > EZH®. quare eliam ABI'd> T [V, 14].
est igitur, ut spatium X ad 4BI'd circulum, ita cir-
culus EZH® ad spatium minus circulo 4 BI'd; quod
erat demonstrandum.

IIL

Omnis pyramis triangulam basim habens in duas
pyramidas inter se et aequales et similes totique similes
triangnlas bases habentes et in duo prismata aequalia
diniditur; et duo prismata maiora sunt dimidio totius
pyramidis.

1) Hoc lemma an genuinum non sit, dubitare licet; etiam
loci quidam in ipsa demonstratione suspecti sunt. sed de hoc
toto genere, scilicet interpolationibus ante Theonem ortis, post
modo uidebimus.

ecorr. V. ] EF. 18 #lacsov BFVq.  xdxlov] om.
V. 20. 9] om. g; non liquet F. 21, Post rodymvor 4 litt.
eras. P. 22. Post elg ins. z¢ m, 2 F. 78 nal opolus]
supra m. 2 B, om. FVq. 28. aldijlag P, -ag e corr. Dein
seq. in BFVq: zeiydvovs (ov e corr. V) #zodoas (corr. ex
£ygovox m. 2 F) fdosis. 6po;’as]] om. P, Totyavov P, corr.
m. 1. zeydvovg éyoveag Pasers] om. BFVq., 24, ioe] om.
F, in ras. J sl ta dvo melopwra] om, F.



10

15

150 ZTOIXEIRN :f'.

"Eoro mvgauls, N Pdowg uév ot vo ABI vol-
yavov, xoguey 0% 16 A enusiov: Aéyw, oti 1 ABI'A
mugapls diawgeltan &lg 0v0 mugouldag loag aAddjhocg
ToLy@vovg faoeg fyoveag xel Opolag vfj ody xel &g
dvo mglouara oo xal te dvo mwolouara pslfove éoriv
1 10 fuov tijg Ang mupauldog.

Terunedawoay yag of AB, BI'y I'd, A4, 4B,
AT diye wovx ta E, Z, H, ®, K, A onuela, xal
énstetyduoey of O, EH, HO, OK, KA, 40, KZ,
ZH. énel lon éotlv 1) ptv AE vfj EB, 7 0% A@® tjj
A0, mwapdiinlog &oo éotlv § EO 1jj 4B. dix ta
avre 0y xal § OK vfj AB megadinios éeviv. mag-
aldnddygapuov Fea dovl v0 @ EBK* oy dpa foviv 7
@K vjj EB. dAa 9 EB zfj EA dovw lon xnal 7
AE épa vjj @K édorww loy. &6ve 0 xal ) A0 vi
@4 loy 0o 0 of EA, A@ dvel taig KO, @4
loar eloly Exavdpe Exatéoe’ xal yovie 3§ vmé EAG
yovie ©fj vno K@ lon fdeig &oa 9 E@ Bdoe ti]
K4 édovv ioy. isov &pa xal Suoiéy é6r vo AE®

20 Tolyovov t6 @K A toydve. Oie ta adra Oy xol vo

ABGH rzolyovov t @A roiydve loov té éore xal
Ouotov. xal émel Ovo evdeiar amwrdusver dAijiov of
E®, OH maga 0Vo &e0delng amroudvag diijiov vag
KA4, 44 slew obx v 1§ adrg émmnédp odow, loog

256 yoviag megiébovay. lon dga fotlv 4 vnd EOH yo-

vie tff vnd KAA yovly. nol émel dvo e08sian of
E®, OH dvel taig KA, 44 toar sloly éxarépm éna-

1. 76} corr. ex 7 m. 2 F. ABI'A F, et B, eras. 4.
rolywvoyv] 4° F. 7. AB] 4E F. 8. AI'] I' e corr. m.
1 K. 9. EH] HE FV. @ K] sapra scr. m. 2 B.
11 d40)inras. V, @4 B, E4F. " 4B) 4EF. 12 lone
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Sit pyramis, cuius basis sit .4 BI” triangulus, uertex
autem punctum 4. dico, pyramidem 4BI'4 in duas
pyramides diunidi inter se aequales triangulas bases
habentes et toti similes et in duo prismata aequalia,
et duo prismata maiora esse dimidio totius pyramidis.

secentur enim 4B, BI, I'd, A4, 4B, AI in
duas partes aequales in punctis E, Z, H, 0, K, 4,
et ducantur ®E, EH, HO®, ®K, K4, 46, KZ, ZH.
iam quoniam AE = EB, A® = 46, erit E® rectae
4B parallela [VI, 2]. eadem de causa etiam @K
rectae 4B parallela est. itaque parallelogrammum
est ®EBK. itaque @K = EB [I, 34]. uerum etiam
EB = EA. quare etiam E4 = @K. uerum etiam
A® = @ d. itaque duae rectae EA4, 4@ duabus KO,
@4 aequales sunt singulae singulis; et [ E4® = K@4
[I, 29]. itaque E® = K 4 [I, 4]. quare triangulus
AE® triangulo @K 4 et aequalis est et similis [I, 4].
eadem de causa etiam triangulus 4@H triangulo ® 44
et aequalis est et similis. et quoniam duae rectae
inter se tangentes E®, @H duabus rectis inter se
tangentibus K4, 4.4 parallelae sunt in eodem plano
non positae, aequales angulos comprehendent [XI, 10].
itaque [ EOH = KAdA4. et quoniam duae rectae
E®, @ H duabus rectis K 4, 44 aequales sunt singulae

q. 14. E4] in ras. V, AE BF. 16. AE] E4 P. foui]
foriv P, 401,604 P. 16. @4] 40 B. EA] EJ q,
AE BYV. 17. E4, 46 PB. 18. X©®, ©4 PBF.

19, lon dotf q. AEG4 F. 20. tglymzov] comp. F.
K& 4 FV. 21. 4BH o. ©Kd4 F. Post tpwmvm rep.
m F: dud ta ovre 07 nal -to 40H telyovoy 6 OAA Toi-
yove. om. P, 28. amrdpsvar q. 25, fozar q.

E@ @HP F. 26. X4, 44 PF, et B, alt. 4 eras, .



152 ZTOIXEIRN .f'.

tépa, xal yovia 1 Vw6 EOH yovie tfj vd K44
éorw lon, Bacig dea 1) EH Pacs tfj K A [éorv] oy
loov dea xal Suoidy éote To E®H tolyovov t¢f KAA
Touydve. Owx va avre Oy xal vo AEH zolyovov tg
8 @K A toiywve loov te xal Spoidy dovww. 7 doa mvpa-
uig, fg Paig pév Zev vo AEH volyovov, xoguen
0t ©0 @ onusiov, lon xel Opola dotl mveaulde, ng
Paeig uév éove vo OK A tolyovov, xopupy 8% o 4
onueiov. xal éwel touydvov vov AAB maga play
10 Tdv mAsvedy v AB fxtar 1) OK, leoydvidy dom
70 AdB zelyovov 16 JOK toipdve, xal tag mAsv-
edg avadoyov Eyoveww' Gpotov dee fotl vo A.dB ol
yovov v AOK touydve. Oue te avta 07 xal 1o
utv ABT volyovov vé 4K A touydve Suowdy doriv,
16 10 02 AAT ©p AA0. xal émel dvo evdelar amrd-
pevar dAdjiov of BA, AT mage 8vo evPelag dmvo-
uéveg adijiov tag KO, O©4 slow ovx év T adrg
éminédo, loag ywviag meouéfovow. lon dpa éotlv 17
Ym0 BATL yovie tjj vmd KOA. xal édoviv g  BA
20 weog iy AL, otrwg % K@ medg v ©A° Juosov
doa éotl ©0 ABI telyovov 10 OKA touysve. xal
mvgauls oo, ng Pdoig pév éore o ABI velywvov,
xogupy 0 ©0 A eqpelov, dpolx fatl mvoaulde, g
Biaig uéy éovi 1o OK A tolyovov, xopuen 0% to A
26 onusiov. dAAe mveeuls, fg Piaig uév [éori) vo OKA
- tolymvov, xoquepy 0 vo dJ oquslov, dpole &delydq

1. EG, ®H PF, et B, eras. alt. ®. K4, 44 PBF.

2. EH] HE F, vn6 EHB. {dowuy] om. P. 8. XA4 FV.

4. EAHFV. b, té domiv nal cpotoy P. 7. dovl] doti
7 FVq. 8. ®KA] O in ras. B. 11. AB4 P. 100
46K rguyavov F. 460K]) ®4K V; 4K6 B. 12, 44Bj
corr. ex ABA V, AB4 F. 14, éons PBVq, comp. F.
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singulis?), et L EBH — K4 A, erit EH = K A. quare
triangulus E@H triangulo KJA4 et aequalis est et
similis {I, 4]. eadem de causa etiam triangulus 4 EH
triangulo ®K 4 et aequalis est et similis. itaque py-
ramis, cuius basis est triangulus 4 EH, uertex autem
punctum ©, aequalis est et similis pyramidi, cuius
basis est ®K 4 triangulus, uertex antem punctum 4
[XI def. 10]. et quoniam in triangulo 44 B uni lateri
AB parallela ducta est ® K, triangulus 4 4 B triangulo
46K aequiangulus est [I, 29], et latera proportio-
nalia habent. itaque triangulus 44 B triangulo 40 K
similis est [VI def. 1]. eadem de causa etiam triangulus
ABTI triangulo 4K A similis est et 44T triangulo
A4A46. et quoniam duae rectae inter se tangentes
BA, AI' duabus rectis inter se tangentibus K@,
6 4 parallelae sunt non in eodem plano, aequales
angulos comprehendent [XI, 10]. itaque [ BAI'=K@4,
et BA: A’ = K®:64.%) itaque triangulus ABI
triangulo ® K A4 similis est [VI, 6]. quare etiam py-
ramis, cuius basis est triangulus 4 BI", uertex antem
4 punctum, similis est pyramidi, cuius basis est
triangulus ® K 4, uertex autem 4 punctum [XI def. 9].
sed pyramis, cuius basis est triangulus @ K 4, uertex
autem o punctum, similis est pyramidi, cuins basis
1) Nam E@ = Kd et A AOH~ 644

2) Nam AB: @K = A4 : 64, quia A ABd ~ OKJ; et
Ad: 04 == AT : ®A, quia A ATd ~ 4604, tum u. V, 16.

15. ABI' F. 446 toydve Theon (BFVq). 16. Post
éioy del. m\ 1: of B4, A’P. 17, 6KFV. 19. yo-
»le] om. V. og] supra m. 1 V. 7] corr. ex 4 V.

22. doa] om. FV. ~28. lociyv B.  26. 5jg Pdors] mg. m. 1 P,
Zoui] om. PF. {0t t6 — p. 164, 1 pév dovi] mg. m. 2 B.
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mveauide, ng Pedis pév fovt vo A EH volyovov, xo-
ovpy 0} 10 @ onuciov [@wors xal mvgauly, 7g fdoig
ptv 160 ABI volyevov, xoguey 0 t0 4 onusiov,
ouole Zotl mvgauldi, ng fdag ulv 1o AEH tolye-
5 vov, xopupy 0% 10 @ onuslov]. Exatégx &pa THV
AEH®, OKAd mvoauldov dpola éovl vjj oAy +ff
ABT'4 mvgauldi. — Kol émel ion éotlv 77 BZ =}
ZI', diumieeiov éetv 10 EBZH magalinidyooupov
ro0 HZTI toupcvov. xal mel, dov 7 0vo melouare
10 looviy), xal ©0 udv &y Pdow magarinidygapuov, o
0t rolywvov, dumddeiov 8% 7 70 magaAinAdypapupov
T00 Touywvov, loa devl va mplouare, loov deu dovl
70 moloun T megueyduevovy Umo dvo ulv Toiydvew
tédv BKZ, EOH, touoy 0 magailnloyoouumov toy
15 EBZH, EBK®, BKZH v nolouer. T¢) mEQLEYOUEv®
Vo 0vo piv roupsdvev tev HZI, OKA, roby 0}
magaiinioyeopuuwy tdv KZI'd, AI'HO, @KZH.
%0l Pavegov, St Exdregov THV meLGudTOW, oV TE Pddig
10 EBZH mapalinioygaupov, amevavriov 0% § OK
20 sv@elee, xal o¥ Pdaig 16 HZI rolymvov, dmevevtiov
0% 70 OK A4 volywvov, usitov doviv éxaréioag 16V mvoe-
uldov, dv Piesg utv ta AEH, @K A tolyova, xo-
ovpal 0 vd @, 4 onusie, énsdnmeg [xal] dav émi-
Eevtousy teg EZ, EK sbdciag, 1o ulv molope, ov
25 fooig v0 EBZH moagaddnidyoauuov, dmevavriov 0%
N @K e08sin, ueilov dove vijg mveauldog, 1 Preig
0 EBZ vgiyovov, xogupy 0% t0 K enyusiov. did’

1. éozi] om. Fq. 16; et in textu et mg. m. 2 B.
2. dore — b. onpsiov] om. 3. uév dors V. 4, dor{] on.
F. uév donu V. rzolyavov] AN F. 7. mwpapidi] in syll,
mvoa des. F'; reliquam partem a ¢ suppletam hic neglexi.
10. #yy] corr. ex fyee m. 2 P, 11. gyl einp V. 14, KZBV,
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est 4EH triangulus, uertex autem & punctum, ut
demonstrauimus. itaque utraque pyramis AEHO,
OK A4 similis est toti pyramidi 4BI'4.
Bt quoniam BZ=2ZI, erit EBZH=2HZI'[],41].
et quoniam, si datis duobus prismatis eandem altitudi-
A nem habentibus alterum ba-
sim habet parallelogrammum,
alterum triangulum, et par-
allelogrammum duplo maius
est triangulo, prismata aequa-
lia sunt, prisma comprehen-
sum duobus triangulis BK Z,
E®H et tribus parallelo-
grammis EBZH, EBK®,
4 E B @KZH aequale est pris-
mati comprehenso duobus triangulis HZI', @ KA et
tribus parallelogrammis KZI'4, AT'H®, ®KZH
(XTI, 39]. et adparet, utrumque prisma, et cuius basis
sit EBZ H parallelogrammum, ei autem opposita recta
O K , et cuius basis sit triangulus HZ I, ei autem oppo-
situs triangulus @ K 4, maius esse utraque pyramide,
quarum bases sint trianguli 4EH, @K 4, uertices
autem puncta @, 4, quoniam, si duxerimus rectas
EZ, EK, prisma, cuius basis est parallelogrammum
EBZH, ei autem opposita recta @K, maius est pyra-
mide, cuius basis est triangulus EBZ, uertex autem

17. Post tév del. Zm. 1 V. KZI'd, ATH®, OKZH]
mg. m. 2 B, in textu eras. EB, ZH, KO. 18. 87 nal V.
19. EBZH] B in ras. B. 22. feaig PVq, et B, sed
corr. AEH] in ras. V.  xoevei q. 28. ne{] om. BVq.
26. peifov] supra ser. @ m. rec. P, 7] om. V
27. volyovéy fetr V.
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% mveauls, ng Pdoig 10 EBZ rolywvov, xopupy 8k
vo K onuetov, lon dotl mveauldi, fg Pdoig v0 AEH
Tolyovoy, xoguen 0% to @ onusiov: vmd yap ilcwv
xal ouolow émimédwy megiéyovrar. @ors xal To melopa,

5 0¥ fdaig uiv 10 EBZH magalinidyeapuov, dxevev-
viov 8} 1) OK eddela, pelfdv éovi mvgauldos, 1 Pdoig
piv ©0 A EH tolyovov, xogupy 0t to @ onusiov. oy
0t 1o plv melopa, ot Pdowg v6 EBZH magalinid-
yoappov, anevavviov 8% 4 OK edela, to molopare,

10 ov fdeig pdv vo HZI tolyavov, dmsvevviov 8% to
@K A tolyovov: 1 0% mvpapls, fis fidis ©0 AEH tol-
yavov, xoguepny 0% vo @ onuclov, loy éovl mveauld:,
g Bdoig 70 OK A telyavov, xopupn 0% 1o 4 onuetov.
t6 doe slonuéva 8vo melouava pslfova éot. Tav eloy-

16 pévav 0bo mveeuldov, dv fdeeas piv v AEH, OKA
Tolyova, xopupal 0t ta @, 4 onusta.

‘H idga 6An mveauls, fg Pdorg vo ABT tplyovoy,
xoQupy 0% ©0 A onustov, dujentar &g te dvo mvea-
uidag loag dAdjiarg [xal Spolag v 8Ay] xal &lg dvo

20 molopare l6a, xal v Ovo melopara uslfovd dovv 4
70 fjuov vijg OAne wveauldog Omsp #dsu Betfau.

(8
'Eév @6 dvo mvoauldsg vmd 1o adrd Dpog
toiyevovg fyovoar Paceig, Siaieedf 0% éxa-
26 tépa avrdv &lg ve 0vo mvgauidag idag addirf-
Aaig xal bpolag tff 3iAn xal &lg 8vo melopara

2. 76] (alt.) =d q. 4. 6] om. V. 15. 3vo] B V (in
mg. transit). mveapldoy] in ras. m. 1 B. faaeig) Paoes
B (corr. m. 2),q, comp. V. ©XKA] &Kinras. V. 18.7z] om.
V. 19, loag re nol opolag edd. xal dpolog zjj 6ip] om. P.
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punctum K; pyramis autem, cuius basis est triangulus
EBZ, uertex autem punctum K, aequalis est pyra-
midi, cuius basis est 4 EH triangulus, uertex antem
punctum @; nam planis aequalibus et similibus com-
prehenduntur; quare etiam prisma, cuius basis est
EBZH parallelogrammum, ei autem opposita recta
6K, maius est pyramide, cuius basis est triangulus -
AEH, uertex autem punctum ®. prisma autem, cuius
basis est parallelogrammum EBZH, ei autem oppo-
gita recta @K, aequale est prismati, cuius basis est
triangulus HZT, ei autem oppositus triangulus O K 4;
pyramis antem, cuius basis est triangulus 4 EH, uertex
autem @ punctum, aequalis est pyramidi, cuius basis
est triangulus @K 4, uertex autem 4 punctum. ita-
que duo illa prismata, quae nominauimus, maiora sunt
duabus pyramidibus, quas nominauimus, quarum bases
sunt trianguli 4 EH, B8 K A, uertices autem puncta , 4.

Ergo tota pyramis, cuius basis est .4 BI" triangulus,
uertex autem punctum 4, in duas pyramides inter se
aequales diuisa est et in duo prismata aequalia, et
duo prismata maiora sunt dimidio totius pyramidis;
quod erat demonstrandum.

Iv.

Datis duabus pyramidibus sub eadem altitudine et
bases triangulas habentibus si utraque in duas pyra-
mides inter se aequales totique similes et duo pris-
mata aequalia diuiditur, erit ut basis alterius pyra-

20. pelfova] £ corr. ex g V. 23. ddy] -av postea add. m.
1P.  dov B.
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loa, é6Trar dg 1 17jg weds wveauldog faoig meog
v tijg¢ étégag mvoauldog Bioiv, oVrwg ra v
TH wid wveapldt wroloparta névre ®eog Ta v 1Y
érédoq mvoaulds molopata mavra LGowAindi].

"Eotacay 0vo mvpauldeg vmo 1o atrd Dyog Touye-
vovg &ovoar faceg teg ABIy, AEZ, xogupag 0t
ve H, ® onueia, xal Oinonede éxuavépa avrov &y
te 0vo mvgauldag leag arifieig xal Owolwg tfj 6Ay
xal &l 0vo molouara loa* Adpw, Ot dovlv wg ) ABI"
paoig meog Ty AEZ Bdaew, ovtes ta év vij ABT'H
wvgauide mplopare wdvre ngog va év vfj 4 EZ6 mvga-
pide molouare loomin9i).

‘Ensl yog ion éovlv 7 udv BE o EL, 0 0t AA
tij AL, megdiinhos dga Zotlv 7 AE 5 AB xal
Ouotov ©0 ABI tolyovov v AET royeve. O ze
avte 07 xal ©6 AEZ tolyovoy t PDZ toipdve
opowdy dorw. xal émel dimdaciov fotlv 7 udv BI
vijg I'E, % 03 EZ vijg Z®, ioviv doa wg 1 BI mpos
v 'S, obrag ) EZ meog vy Z®. xel dvayéygamra
and pdv vév BI'y, I'E Ouoid te xal opoleg xelpsva
e00Upoappue tve ABI, AET, ano 0t vdv EZ, 2D
Suotd Tz el Opolwg xslusva [e08Vypapua] va JEZ,

1. Post isx add. Theon: xel zdv yevopivaw (yevap. B)
mveapldwy Exaréea tov (e corr. V) adrov tedmow, xal voito
dei yovnras (yiverar q) (BVq). £6tae — trg] supra scr. m.
2 B (forw). 2. frégag] post ¢ del. ¢ m. 1 P. ~ ottw BV.

3. melopetae — 4. wvoapldi] mg. m. 2 B. 4. wavra)
om. V. 8. opolws V. 9. Post {se add. xel ey yevo-
pévor mvpauldoy Exatéoa Tov advrov teémoy wevoriodw dup-
enuévy nal tovro del yiwéedo Bq, V mg. m. 2. 10. peory]
om. V, ovtw Bg. 18. BZ q. 14. éotdv] om.

16. Spotéy éott 16 PBZ toiyove BVq (P® in ras. V).
18. I'E] corr. ex ET V. Post 8¢ ras. 1 litt. P. ]
corr. ex ®Z V., 22. 98 dyoappca] om. P.
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midis ad basim alterius, ita omnia prismata alterius
pyramidis ad omnia prismata numero aequalial) alte-
rius pyramidis.

Sint duae pyramides sub eadem altitudine trian-
gulas bases habentes 4 BI", 4EZ, uertices autem H,

® puncta, et utraque in duas pyramides inter se aequales
totique similes et duo prismata aequalia diuidatur
[prop. III]. dico, esse ut 4BI': 4EZ, ita omnia
prismata pyramidis 4 BI'H ad prismata numero
aequalia pyramidis 4EZ®.

Nam quoniam BJE == 5I, 4.4 = AI" [prop. III],
erit 4% rectae 4B parallela et 4BI'~ 43T [p.152,9].
eadem de causa erit etiam JEZ ~ P®Z. et quoniam
BI'=2I'E, EZ=2Z®, erit BI': ' =EZ:7Z®.
et in BI', I'E constructae sunt figurae rectilineae
similes et similiter positae 4BI', 45T, in EZ, Z®

1) mavra et loomindi) addidit Euclides ad finem propo-
sitionis p. 160, 26 respiciens, ubi eam quasi quodam corol-
lario dilatanit.
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P®Z- fovw dga og to ABI tolymvov meog vo AR
rolyovov, otzwg 10 AEZ tolywvovr meds 10 PDZ
rolyovoy: dvallaf &ga Zovlv wg 10 ABI zelyavov
weog t0 AEZ [relymvov], otrmg 16 AET [telymvov]
5 xpog 10 PDZ volyovov. ald’ dg 16 AET telyavoy
noog 6 PDZ toiyovov, otrwmg 1o meloue, ov Pddig
pév [doti) vo AET zolyovov, axsvavriov 8t 10 OMN,
ngdg ©0 melopa, ob Pdaig piv to PDZ tolywvov,
axsvovelov 8t vo ZTT xal eg &oa ©0 ABI" rolyn-
10 vov m@dg ©6 AEZ toiyovov, obtmg ©o meloue, o
Becig ptv vo AET rolyovov, axsvavrlov 6t t6 OMN,
meds ©o melope, ov Pdeg plv 6 POZ telywvov,
dxsvavriov 0t v0 ZTY. g 0% ta elonuéva molopara
nedg dAdnia, otrmg o melopx, o Pdoig piv o
15 KBEA nagaiinidypapuov, amevavriov 8t % OM
eVdsle, medg ©O wolopa, ov Pdoig piv o IIEQP
nagadinioyoeppov, dxevavriov 8% | X T evdsia. xol
ta Ovo dpa melogara, o¥ ve Pdog udv ©0 KBEA
nogeAdnidyeapuov, dmevavriov 0% § OM, xal od
20 faoig plv 16 AET, amevavviov 0% ©0 OMN, =meog
va molopara, ov & Picig utv 0 I1EDP, dnsvavriov
0 § ZT ebbela, xal oV Pdoig pdv v0 POZ rolyn-
vov, amevavriov 8% ©6 ETT. xal o dea 9§ ABT
Bdoig medg iy AEZ Peow, ovramg va slonpéve 8vo
25 molouate mEog ta slonuéva 0vo mplouara,
Keal ouolwg, dav dimgeddowy ol OMNH, ETTEO
mvgeuldeg elg te 0vo mplouere xal dvo mvpauldag,
1. P®Z] Pe corr. V, E®Z q. 2. telywvov] (prius) om.
V. 4. tolyavor] (prius) om. P.  zelymwor] (all.) om.
6. oPtw B. 7. dov] om. P. OMN olyovoy V. 8. uév

éou V. 11. péy éom V. 12. zolymvoy] supra comp. B.
18, og 04 — p. 162, 14] mutanit Theon; u. app.
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autem similes et similiter positae JEZ, POZ. erit
igitur [VI, 22]
ABI': AET = AEZ: POZ.

itaque permutando 4BI': 4EZ = AST: POZ [V, 16).
sed ut 45 : P@Z, ita prisma, cuius basis est 45T
triangulus, ei antem oppositus O MN, ad prisma, cuius
basis est PPZ triangulus, ei autem oppositus ZTT
[an. lemmma]. quare etiam ut ABI': 4 EZ, ita prisma,
cuius basis est 45T triangulus, ei autem oppositus
OMN, ad prisma, cuius basis est P®PZ triangulus,
ei antem oppositus XTT. uerum quam rationem ha-
bent duo prismata, quae diximus, eam habet prisma,
cuius basis est parallelogrammum KBS A4, ei autem
opposita recta OM, ad prisma, cuius basis est par-
allelogrammum ITE®P, ei autem opposita recta =T
[XI, 39; efr. prop. III]. quare etiam duo prismata,
et cuius basis est parallelogrammum K BJZ 4, ei autem
opposita OM, et cuius basis est 45T, ei autem oppo-
situs O M N, ad duo prismata, et cuius basis est JIEDP,
el autem opposita X T recta, et cuius basis est P@Z
triangulus, ei autem oppositus ZT7, illam habent
rationem [V, 12].!) quare etiam ut 4BI': JEZ, ita
duo prismata, quae diximus, ad duo prismata, quae
diximus.

Et similiter, si pyramides OMNH, 2TT@ in duo
prismata duasque pyramides diuiduntur, erunt ut

1) Sint prismata p p, P P,. demonstranimus 4BI': 4EZ
=p:p;p:p =P:P =p-+ P:p, + P,. ergo
ABT: AEZ =p + P:p, + P,.

14, dud T adrd mg. m. 1 P, qui ad lin. 8 adser. hab. m. 1:
og £090g bosi. 18, KB B, sed &B in ras. e corr. P,

Euclides, edd. Heiberg et Menge. IV. 11
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¥otar wg 7 OMN Bdeig meog 1y T Baewy, otrwg
T v vij OMNH nvgauld. 8vo melouare meog te év
7] ZTTO mvgauld. dvo molopare. @il wg y OMN
Bdog mgog vy ETY PBdow, otrwg 7§ ABI faoig

5 weog wy AEZ Pacw leov pag éxavegov tdv OMN,
ETT rouydveov éxotépp vév AEL, POZ. xal og
doe 77 ABI" foeig mgog tqy AEZ fdow, otrog ta
té60aga molopara mweog To TiOONQE WElouaTe. Ouolmg
0 xdv zag vmolamoudvag mvoauidag OiéAwusy &lg ts

10 0vo mvgauidag xal &lg Ovo melouare, Eotar g 17
ABTI fdeig mpog v AEZ fdewv, obrmg ta év i)
ABI'H mvgaupld. mglouave wndvia meog ta &v wj
AEZ® mnvpauld. mpicuera mdvia (GomAndi® Omso
e Ocibou.

16 Ajuppa.

Ove 8¢ éovwv g 10 AET Tolyovov mgog 1o POZ
Tolyovov, olrwg 16 melope, ot fdaig 10 AET vol-
yovov, amevavriov 0t 6o OMN, mgds ©d melouw, ov
Bdog utv ©o0 POZ [rolyovov], drwevavriov 0t to ZTT,

20 oUtw Oaxréov.

‘Enl yop vijg avrijs xaveygagijs vevoreBoday dmd
tov H, @ xd®svor énl ve ABT, AEZ éninsda, loo
dndady tvyydvovom O 0 (Govipely Umoxsloor Tag
nvgapidog. xol émel 0vo &d@elar 4 1e HI xel 7 ano

25 to0 H xd@evog vmo mogadlijlov émnédwv véov ABT,
OMN véuvovrar, &l Tovg adrodg Adyovs Tundijdovrar.
xal térunrae  HI' 0lye ¥md tov OMN Eminmédov
nore v0 N* xal 3 amd vov H dga xd9svog éml o

15. Afppe] om. BV. 16. AEI'] e corr. m. 2 V.
ZP® P. 17 ofto B.  19. rolyovoy om. P. TIT i~
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OMN : ZT7T, ita duo prismata pyramidis OMNH
ad duo prismata pyramidis ZTT®. sed OMN: ZTT
= ABI': AEZj; nam uterque triangulus OMN, XT7T
utrique triangulo 4 5T", P@Z aequalis est. quare etiam
ut ABI': 4EZ, ita quattuor prismata ad quattuor pris-
mata [V, 12]. et similiter si etiam reliquas pyramides in
duas pyramides duoque prismata diniserimus, erunt ut
ABI': AEZ, ita omnia prismata pyramidis 4BH
ad omnia prismata pyramidis 4/ EZ® numero aequalia;
quod erat demonstrandum.

. Lemma.

uerum esse, ut A5I': POZ, ita prisma, cuius
basis sit triangulus 45T, ei autem oppositus OMN,
ad prisma, cuius basis sit PPZ, ei autem oppositus
ZT7, ita demonstrandum est.

In eadem enim figura fingantur perpendiculares a
punctis H, @ ad triangulos 4BI', 4 EZ ductae, quae
scilicet aequales sunt, quia supposuimus, pyramides
aequales altitudines habere. et quoniam duae rectae
HI' et perpendicularis ab H ducta planis parallelis
ABI', OMN secantur, secundum eandem rationem
secabuntur [XI, 17}, et HI" plano OMN in duas
partes aequales secta est in N; quare etiam perpen-

yovoy V.  20. dslbopsy oPrwg V. obrw] -g del. m. 1 P,

21. of ¢xé BVq. 22. =év] tijs B. te] o wdy V,
A4EZ)] 4EZ wolyove Bq; dEZ tquydvar V. 28. loovyeis)
-ge- e corr. V. 24, 5] in ras. V.

11%
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ABT éninedov dlye tundijoerar vmo tov OMN émi-
nédov. Oux 1d alre 07 xal § dmd Tov O xddsvog
énl ©0 AEZ éminsdov dlya tundifosror vmd vov ETT
émnédov. xal elow loar af ano vov H, @ xddevor

6 énl 1« ABI', AEZ énimsda’ (6o oo xal of awo
16y OMN, ZTT vopdvev énl ta ABI, AEZ
xederol. lGovys doa [forl] Ta melouera, dv Pdasg
uév elov v AEL, POZ volyova, dmsveveiov 0% za
OMN, ZTYT. @ete xal ta Orsgee magoAinlenimsdn

10 76 AmO ThY EQUUEvEY TELOUET@Y GVEYQXPOUEV
loovyt xal medg dAAyAd [slow] dg al fdesg xal Ta
nuien &oa dotlv wg 7) AEIL Pdog meog vy PDL
pacy, ovrwg ta slgnuéve molopara meds EAAniar
Omep £0er OstEou.

’

15 E.

Al Drd 16 adTd VYog ovear mwvgauldeg xal
toiywvovg &yovear facsig medg addijlag sloly
g ol Baceig.

"Eorwoay v to avrd Uyog mvgauldss, ov Pidsg

20 utv ve ABI, AEZ volyova, xogupel 0t ¢ H, @
onuele Aéyw, Ot éotlv dg 1 ABI Pdeig meog taw
AEZ Boew, ottog § ABI'H mvgapls meds v
AEZ® mvgouide.

El yag pij éovww dg ) ABI faows meds vy AEZ

26 faow, obrws % ABI'H mvoauls medg wiyy AEZO
mvgauida, Eovar g § ABI Pdag medg vy AEZ
Bdow, ovrmg % ABI'H mvgepls iror modg éAecedv

1. éninedov dyopévy V. 8. énlnedov ayouévn V.,
5. dou &lol V. «f] om. Pq. 7. xd@eror] in ras, V, seq.
ras. dimid. lin. (foae . . .. dnd zav oEw). éot(] om. P.
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dicularis ab H ad planum 4BI" ducta plano OMN
in duas partes aequales secabitur. eadem de causa
etiam perpendicularis a @ ad planum AJEZ ducta in
duas partes aequales secabitur plano X T?. et perpen-
diculares ab H, @ ad plana ABI', 4EZ ductae
aequales sunt. itaque etiam perpendiculares a trian-
gulis OMN, ZTY ad ABI', 4EZ ductae aequales
sunt. quare prismata, quorum bases sunt trianguli
A&, POZ, iis autem oppositi OMN, ZTT, aequales
altitudines habent. itaque solida parallelepipeda a
prismatis, quae diximus, constructa eandem habent alti-
tudinem et eam inter se rationem habent quam bases
[XI, 32]. itaque etiam prismata, quae diximus, ut
quae dimidia sint parallelepipedorum [XI, 28], eam
rationem habent, quam A5I": P@Z; quod erat de-
monstrandum. ') '

V.

Pyramides sub eadem altitudine et bases triangu-
las habentes eam inter se rationem habent quam bases.

Sint pyramides sub eadem altitudine, quarum bases
sint trianguli 4BI', JEZ, uertices autem H, ©
puncta. dico esse

ABI': AEZ = ABI'H: 4EZ@®.

Nam si non est 4BI': JEZ = ABI'H: 4EZ6,
erit ut 4BI': A4EZ, ita pyramis ABI'H aut ad so-

1) Hoc quoque lemma et per se et propter orationis genus
suspectum est.

peoig Bq, sed corr.  11. xaf] (prius) zvyyevovre Theon (BVq).
elov) om. P, 12. doviv] foras BVq. 13. o¥70 Bq. 17 el-

Anle P, corr. m.2. 24, JEZ—26.tjv] mg. m.2B. 256. JEZO

mvgaplde] et in textu et mg. m. 2 B.” 27 fjroe] 4 V.
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n tijg AEZ® mvgouldog oregeov 7 meds uelfow.
fotwm mooregov meos EAagdov o X, xal diperedbe 4
AEZ6 nmvoauls &g te dvo mvgauidag loag alifiag
xal Opolog vfj OAy xal elg dvo melouere loa e Oy
dv0 molouara pellovd éemiv § TO ey Tijs ‘GAng
mvgauldog. xol malwv of éx tig Sumpédemg prwdpevon
mveapldss Ouolmg diperodwoay, xel tovro del yuwé-
690, fug ov Aapddel Tives mvgauideg ano tijc AEZO
mugapldog, of slow éAdrvoves tijg Umegoyns, 1 Umep-
éyee § AEZO mugaplg tov X ersesod. Acdslpdacay
xal ¥ormoay Adyov Evexey of AIIPE, ZTTO" Aouwe
doe ta v vfj AEZ® mvoaplds molopata psifovd éore
roU X orsgeov. Ouonode =al § ABI'H mveaplg
ouolwg xal (eoxindag v A EZB® mvgauld Eeriv doa
og 7 ABI Bdeig meds v AEZ Pdow, otrwg a
év v} ABT'H mvpauld. molouara moog 1a év vf] AEZO
nwvgapuid molduave. aiie xal g § ABI Pdoig meog
v AEZ feowv, ovrog y ABI'H mveauls meds o
X ovegeov xal g doo 3 ABI'H mugepls moos vo X
otegedy, ovtwg v v 1] ABI'H mvgauld. molopata
neog T év vi] AEZ® mugauid. molouwave Svediel
doo g 7 ABI'H mvpauls meog to év avrf molouare,
ottmg 10 X orsedv meos 1o év 1f] AEZ® mugoulde
nolouare, weifov 0t 3 ABI'H mvgauls tév v adrj
noiopdroy: peifov oo xal td X oregedv tdy év T
AEZO mvoouid. woiopdrev. dida xel élarrov: Ome

6. yevopevar q. 7. yiyvésBo BYV. 8. lespddor] -ec-

corr, ex 71 V, mut. in  m. 1 Bq; leipddow PB.  ané — 9. nv-
oapldos] mg. m. 2 BV, om. q. 9. fddeoovg BVq.  10. Zs-
Aslpdwoar] -1~ corr. ex 7 V, mut. in 7 q. 11. ETT® B,
corr. m. 2. 12. éomv P, 17. %] post ins. V. 19, xal
&g — 20. orepedy] om. q; suo loco m. 1, sed alio atramento
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lidum minus pyramide 4EZ® aut ad maius. sit prius
ad minus X, et pyramis 4EZ® in duas pyramides
inter se aequales totique similes et duo prismata
aequalia diuidatur. itaque duo prismata maiora sunt
quam dimidia totius pyramidis [prop. III]. et rursus
pyramides ex diuisione ortae similiter diuidantur, et
hoc semper fiat, donec e pyramide 4 EZ@® relinquantur
pyramides quaedam minores excessu, quo pyramis
AEZ@® excedit spatium X [X, 1]. relinquantur et
sint uerbi causa JITPX, ZTYT®. reliqua igitur pris-
mata pyramidis 4/ EZ® maiora sunt spatio X. iam
etiam pyramis 4BI'H similiter et toties diuidatur,
H quoties 4EZ® py-

. ramis. erunt igitur

ut ABI':AEZ, ita
prismata pyramidis
ABI'H ad prismata
pyramidis AJEZ®
[prop. IV]. uerum
ABI' AEZ — ABI'H
:X. quare etiam ut
ABI'H: X, ita pris-
mata pyramidis
ABT'H ad prismata
pyramidis AEZ®6,
permutando igitur [V, 16] ut pyramis 4 BI'H ad sua
prismata, ita X solidum ad prismata pyramidis JEZ®.
sed pyramis 4 BI'H maior est prismatis. itague etiam
X solidum maijus est prismatis pyramidis JEZO[V, 14].

B. 19. &oa 7] corr. ex 7 dox m. 1 V, doax og # P.
23. otrw B.
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dotly advvarov. ovx dgua fotlv wg ) ABI Pdeis mpog
tiv AEZ Paew, ovrag | ABI'H mveauls meds $Aao-
60y . tijg AEZ@ mvgauidog 6vegedy. duolwg 0% deuy-
Djectar, Ove 000 wg § AEZ Pdowg meog v ABT
piew, otrwg ) AEZ® mvgauly meds EAarrdv T Tijg
ABTH mvgauldog eregeow.

Aéyo 07, Gt odx Zomiv 000t dog % ABI Pdeg
neog ™y AEZ Pacw, otrwg 1 ABIH mveauls meog
ueitov © viig A4EZO mvgauldog Gregedv.

E¢ yag dvvardv, éore meodg peifov 70 X* dvdmadiv
dga éotlv dg ) AEZ Bacig meds vy ABI" fdow,
ovtwg 0 X dregedv meds iy ABI'H mvgaulde. og
0t 70 X ovegeov mgog vy ABI'H mvgapide, ovreg
7 AEZ® mvgapls meog EAadedy v tijg A BIH mvoa-
uidog, g fumgocdsy elydny' xal og doa § AEZ
Beais mog vy ABI Pdew, otrwg § AEZ® mvauls
noog éAadoév v tijg ABI'H mvgauldog' Omeg dromov
20clydn. ovx dou Zovlv ag 9 ABI fdog modg T
AEZ Bdow, otrwg 7 ABI'H nvgapls medg peitov v
tiigc AEZ® mvgauidog ovcpedv. &delydny 04, Sve ovdd
nodg élacoov. Eomwv dga wg v ABI" Pdowg meds Thv
AEZ fdow, otrwg 1 ABI'H mvgauls mpds v
AEZ® mvgoulda Omeg #0e detfor.

’

s.
Al O®mo to adrd DYog ovow mvgauldes xal
wolvydvovg égovoar fdasig weog dAAfiag laly
og al fdoeg.

2. flatrov V. 8. 4EZ6) © eras. P; JEZH® q.
Jeltopsy V. 5. flaceov B. 11. 5 Paoig 1';£EZ Vaq.
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uerum etiam minus est; quod fieri non potest. ergo
non est ut 4BI': AEZ, ita pyramis 4BI'H ad mi-
nus aliquod pyramide 4 EZ® solidum. similiter de-

monstrabimus, ne 4EZ@® quidem

pyramidem ad minus aliquod pyra-

mide .4 BI'H solidum eam rationem

habere quam AJEZ: 4BI.

Iam dico, ne ad maius quidem aliquod pyramide
A EZ® solidum pyramidem 4 BI'H eam rationem ha-
bere quam ABI': 4EZ.
Nam si fieri potest, habeat ad maius aliquod X.
e contrario igitur [V, 7 coroll.]
AEZ : ABI'=X: ABTH.
uerum ut X: 4BI'H, ita 4EZ® pyramis ad minus
aliquid pyramide 4 BI'H, ut supra demonstratum est
[prop. II lemma]. quare etiam ut 4EZ: 4BT, ita
pyramis 4EZ® ad minus aliquid pyramide 4BI'H;
quod absurdum esse demonstranimus. itaque ne ad
maius quidem aliquod pyramide 4EZ® solidum py-
ramis A BI'H eam rationem habet quam 4BI': 4EZ.
demonstranimus autem, eam ne ad minus quidem
hanc habere rationem. erit igitur
ABI': AEZ — ABI'H: AEZ6;

quod erat demonstrandum.

VI

Pyramides sub eadem altitudine et polygonas bases
habentes eam inter se rationem habent quam bases.

17. mveapldog oregeéy q; oregedv add. m. 2 V. 21. faoig
suprs scr. m. 1 P. 25. mvpauides ovoar B. ovoaL
om. V.



10

15

20

170 ITOIXEIQN f'.

"Egrmeay vrd to avto Upog mveeuideg, ov [«l] Pd-
aag utv 1o ABIAdE, ZHOK 4 moAvymve, xogupeal
0t va M, N onusia’ Adyw, 8v éotlv og  ABI'AE
Bdaoig meds vy ZHOK A faew, ovrag § ABI'AEM
nvpapls meog vy ZHOK AN mvoaulda.

‘Enctsvydocay yop of AT, AAd, ZO, ZK. émel
ovv 0vo mvpauides slolv of ABI'M, AT'AM voiyd-
vovg Eyovear Pdoeg xel Tyog loov, medg aAiiies
slalv dg af Pdesg Eorwv doa og 7 ABI Paoig medg
v ATA Bdew, olrwg ) ABI'M mvgapls meds Ty
A4 M mvgaplda. xal ovvdévee wg 7 ABI'A Pdoig
neog i AI'd Bdew, ovrwg § ABI'AM mveauls
neog Ty ALAM mvgauide. alie xol og 7 A4
pieig mog vy AAE Baew, otrwg ) AT'AM nvea-
ulg meog vy AAEM mvgauide. 00 loov dga dg 7
ABTI'4 Bdoig mgdg tqv A AE Pdoww, ovtmg 3 ABIAM

mvgauls meog iy AAEM mvgauida. xal ovvdévee

nehw, og 7 ABTAE fdeig meos iy AAE Poew,
ovtwg 1) ABI'A EM mvgauls medg vy A4 EM mvoa-
ulde. ouolwg 07 Oeydrjosran, o1 xal g § ZHOKA
Bdowg meog v ZHO Pdow, otrwg xal ) ZHOKAN
nvgauls weog v ZHON mvpauide. xal émel dvo
nvgauldeg sloly afl AAEM, ZHO N toipavovg égovear

1. of] deleo, v — 2. nogvgal] ﬂolvgﬂvovg #yovoon faceis
t¢¢ ABTAE, ZHO K A, nogupdg Theon (BVq). 6. émefeizd.
— 10. Petoiv] digeriada yag 7 piv ABI'AE fdais sl ta ABT,
ATd, AEJ rolyove, 7) 08 ZHOKA (N eras. V) elsg 1o ZHO,
ZOK, ZKA tolyova, nal vevonodwoay de’ Exdorov toLydvou
nvgauldeg Loovyeis (-eig corr. ex -ov m, rec. V) rais 8 &qzﬁg
mveaplo. (mvoaplow B) val dnel dovv dg 16 ABI tolyovoy meog
160 AT'4 rolywvoy Theon (BV q). 11. cvv®évra doa wg V.

7 — 12, fdow] mg. ye. rewmétiov et yo. rolymvoy m. 1 P;
10 ABT'J toaméfiov meos t6 AI'd relywvov Theon (BVq).
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Sint sub eadem altitudine pyramides, quarum bases
sint 4 BT4E, ZH® K A polygona, uertices autem M,
N puncta. dico, esse

ABTAE:ZHOKA = ABIT4dEM: ZH®KAN.

ducantur enim AT, 44, 260, ZK. iam quoniam duae
pyramides sunt 4 BI'M, AI'4 M triangulas bases ha-
bentes et altitudinem aequalem, eam inter se rationem
habent quam bases [prop. V]. erit igitur 4BI': AT'4
= ABI'M: ATAM. et componendo [V, 18] 4BI'4
: AN'd = ABT'AM: ATAM. uerum etiam [prop. V]
AlA: AAE = AT'AM: A4 EM. itaque ex aequo
[V,22] ABI'4: AAE = ABI'AM: AAEM. et rur-
sus componendo [V, 18) ABI'4E: AAE=ABI'4EM
: A4 EM. similiter demonstrabimus, esse etiam

ZHOKA:ZH® — ZHOKAN: ZHGN,
M ¥

4 B w’
4 H
A
E

z

et quoniam duae pyramides sunt AJEM, ZHON
triangulas bases habentes et altitudinem aequalem,

13. ATAM) supra 4 scr. Em. 2 B. 4 — 14. fdarw] 70 4AT'd
tolywvoy meog 10 A AE rolywvoy Theon (BVq).  15. &oo dotlw
Theon (BVq). 17. AdEM] M supra scr. m. rec. P,

18. faewv] om, Bq. 19. ABI'dE add. Mm. 2 V. 20, épolwg -
— ¢zi] die Ta avta &) Theon (BVq). 21. ZHO] P; ZK4
Theon (Bq et 4 e corr. m. 1 V), 22. ZKAN Theon (Bq et
N in ras. V). 23. ZKAN Theon (BVq).
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Bdoeg xal Tyog loov, Eonw doo ds 5 AAE fdeig
noog v ZHO Bdowy, otrog 1 A4 EM nvgauls meog
v ZHON nvgaulde. ald’ og 7 AAE Pedig medg
viv ABI'4E Bdow, otrwg nw 1 AAdEM mvpapls
ngdg iy ABICA4EM nmvgaulda. xal 8. idov &g ag
7 ABTAE fdog moog vy ZHO Pdew, otrag 7
ABI'4EM mvgapls meog vy ZHO N mvgaplde. diie
uny xal dg 7 ZHO fdeig neog tiiy ZHOK A fdoiy,
obrwg v %ol 7 ZHON mveapls meds vy ZHOKAN
nvgaplde. xal 00 léov dga wg % ABIAE fdoig
7g0g v Z HO K A Bdow, obtwg ) A B4 EM nveauls
7g0g iy ZHOK AN mvgaulde’ Smep #ds detbo.

g.

Hav melopa toiyovov Eyov Pdeiv diac-
oeltar &lg voelg mvoauldag ldag dAijAaig TotL-
yovovg Bdeeig éyovaes.

"Eevw moloua, ov Pdois plv vo A BI tolyevov,
dnevaveiov 0% 10 AEZ' Adyw, 6nv 10 ABIAEZ
molape Oopelrar &lg Toels mugapldeg leag arliiaig
roLywvovs €povoag Pades.

’Enetsvydwoay pig af BA, EI', T'd. énsl mogal-
Anidygouucy éevi 10 ABEA, Odiuduergog 0% adrov
doviv 1) Bd, loov &ga éovl ©0 ABA relyovov 16
EBJ oiydve: xel v mvgauls doa, fjg Biawg piv 76
ABAd tglyovov, xopupy 0t 16 I' enusiov, lon Zorl
mveauldi, ng fdoig uév dov o 4 EB rolyovov, xopup
0t vo I onusiov. dlia % mveauls, ng Pdéig uév o

1. nal dyog {oov] nal omo 16 adtd dyog Theon (BVq).'

2. Z KA Theon (BVq), ut lin. 6, 8. 8. ZKAN Theon(BVg),
ut lin. 7, 9, ail’ dg — b. mveaplde] ém:l obv douy (om.
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erit [prop. V] 44E:ZH® = AA4EM:ZH@N. uerum
AAE: ABTAE = AAEM: ABI'4EM. quare etiam
exaequo(V,22] ABI'4E:ZH®==A4BI'4EM:ZH®N.
uverum etiam ZHO®:ZHOKA=ZHON: ZHO®KAN.
quare etiam ex aequo [V, 22] 4BIr4E:ZH®K A
=ABI'4EM:ZH®K 4N; quod erat demonstrandum.

VII

Omne prisma triangulam basim habens in tres
pyramides inter se aequales diuiditur triangulas bases
habentes.

Sit prisma, cuius basis sit 4 B I” triangulus, ei autem
oppositus 4EZ. dico, prisma A BI'4EZ in tres py-
ramides inter se aequales diuidi triangulas bases ha-
bentes,

ducanttr enim B4, ET, I'4. quoniam parallelo-
grammum est 4BEd, diametrus autem eius BJ,
erit 4Bd4d = EBA [I, 34]. quare etiam pyramis,
cuius basis est triangulus 4 B4, uertex autem I’
punctum, aequalis est pyramidi, cuius basis est trian-
gulus 4 EB, uertex autem I" punctum [prop. V]. uerum

VII. Hero stereom. 1I, 39.

Bq) d¢ %) ABT'AE fdaig meos vy AAE fecwy, ovrwg 5 (v 1)
q) ABI'4E M mvgapls meos tijy AdE M nveapide Theon (BVq);
dein add. g 8% n AJE Bdois meds tiv ZKA Pacy, ofrws 9
A4 EM mvoepls meds vy ZKAN nvgapida Vq et mg. m. 2 B.
6. #e/] om, Theon (BVq). 6. foow] om. BVgq.
ovtwg] om. q. 8. ZHOKA] KA add. B m. 2. 9. 7] om.
V. 10. dou] motliv Zazlv Bq; doo doziv V. 12, ZHOKAM
q. 17. fdosig q. 20. Boosig éyovong V. 21, wol émel
Bq. 24. E4B B. ys'vf om. V.  25. fotlw PB, dodl 13
V. 26, fdomy B. 27. e¢lla — p. 174, 1. enpeiov] om. q.
27. 22’ B. 5] om. V,
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10 4EB tolyovov, xogupy 0 vo I enuslov,  avry
éor mugauldi, ng fdawg uév éove o EBT volyovow,
xogupy 0% Td A onuslov: VT yap TV alrdy émi-
nédov megiéysrar. xal mvgepls &ou, 1g Pddig wfy
éote 10 ABA telyavov, xogupy 0t o I' enusiov,
ton éovl wveouids, ng Pacig pév dove 16 EBT tolye-
vov, xoguepy 0% 0 A onueiov. nddw, énel magudin-
Adpgapudy éote v60 ZI'BE, dapsrgog 04 dotiv avrov
n TE, loov éotl v0 I'EZ toiyavov v I'BE toi-
yove. xal mvgauls doa, 1g fadig uév dov. 16 BI'E
Telyavov, xoguey 0% to A enusiov, ion éorl mvoo-
ulde, ng Pdoig pév éovt 16 EI'Z tolyovov, xoguen
0t ©d 4 onusiov. 1 0} mvgauls, 1g Pdoig uév fore
10 BT'E 1olyovov, xogvpy 0% t6 A onuciov, lon
20elydn mvgauidi, g Bdoig uév éom 16 ABA tolym-
vov, xogupy 0} vo I onusiov: xal mvgauls dea, g
paais uév dove ©o0 IT'EZ rvolywvov, xogupy 6% ©o A
onustov, lon fotl mvgeuidi, 7ng Pdeis uév [fovi] ©o
ABA telywvov, xopuvpy 6% vo I' enuclov: dujonrac
dge 10 ABT'AEZ mglope &ls toels mvgauidag loag
dAljlaig TQLydvovg €poveag Prosg.

Kal énsl mvoauls, ng Pdois pév et 16 ABA voi-
yovov, xogupy 0% 10 I' onusiov, 5§ aevvi] éovi mvea-
plde, 5g Pdag 0 I'4B rolyavov, xogupy 0% 10 A
anusiov: Gmd pap TV avrdy émmédov megiégovron
7 0% mveauls, 1s Pdois 6 ABA telyavov, xogues

2. dori] (prius) éorv PB; domi 7 V. 4. xal] om. q;
wal 1 V. 6. 4otl] dottv PB; doul ©j V. 8. foiv] om.
BVq.  adved doviv Bq. 9. Er V. 12. EI'Z] I'Z in
ras. V. 14. BET V. 4] in ras. m. 2 B. 18. doms
om. P, 21. Pdosig éyovoaug, eras. ¢, V, 23. dorr 73 V.
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pyramis, cuius basis est 4/ EB triangulus, uertex autem
I" punctum, eadem est ac pyramis, cuius basis est EBI"
triangulus, nertex autem 4 punctum; nam iisdem pla-
nis continentur. quare etiam pyramis, cuius basis est
Z A B 4 triangulus, uertex autem
I' punctum, aequalis est py-
E ramidi, cuius basis est EBI’
triangulus, uertex autem A
punctum. rursus quoniam par-
allelogrammum est ZI'BE, et
diametrus eius est I'E, erit
N\ TEZ=TIBE [I, 34]. quare
B 4 etiam pyramis, cuins basis est
BTI'E triangulus, uertex autem 4 punctum, aequalis est
pyramidi, cuius basis est EI'Z triangulus, uertex autem
4 punctum. demonstrauimus autem, pyramidem, cuius
basis sit BI'E triangulus, uertex autem 4 punctum,
aequalem esse pyramidi, cuius basis sit 4BA trian-
gulus, uertex autem I" punctum. quare etiam pyramis,
cuius basis est I'EZ triangulus, uertex autem 4
punctum, aequalis est pyramidi, cuius basis est /B4
triangulus, uertex autem I' punctum. ergo prisma
ABIT'AEZ in tres pyramides aequales diuisum est
triangulas bases habentes.
et quoniam pyramis, cuius basis est 4 B triangulus,
uertex autem I" punctum, eadem est ac pyramis, cuius
basis est I'4 B triangulus, uertex autem 4 punctum
(nam iisdem planis continentur), pyramidem autem,

24. 7] (prius) plv 16 q; pév éoruvo V. I'4B] e corr. V.
26. ©6] ozl w6 V
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0% w0 I' enusiov, volrov &delydn rod moisuarog, ov
fdais zo ABI rolywvov, dwmevavriov 0t 10 AEZ,
xel 7 mveauls Goa, ng Pdeis 1o ABI tolyovov, xo-
vy 0t 1o 4 onuelov, toitov é6tl TOoU moloparog
roD &ypovrog faoy Tyv avtyy 0 ABI telywvov,
angvavriov 0% t0 AEZ.

Hdgiope.

‘Ex 07 tovrov gavegdv, vt wide mvgapls telrov
uépog éotl Tod mploparog Tov Y vy Pacw Exovrog
avrf] xal TDpog loov [émeidrimep xdv Ersgdv Te oyijue
0vypapuov &y 7 Pdoig Tod mplauarog, Totovro xal
©0 amevavtlov, xal Swugelvan ely molopare Tolyove
&povra tag Pdaosg xel v dmevavilov, xal dg 1) 0Ay
Pdaoig medg Exacrov]: Omep e deifar.

7.

Al Gporar mvgapideg xal roiydvovg égovoar
Baceis év voimdaclove Adyw &lol Ttdv dpodd-
yov nlEvedr.

"Eotwcay duotar xal opolwg xelpever mvgouldeg,
av fdces pév sles vo ABIy, AEZ tolyova, xogupaul
0t ra H, ® onuele’ iéyw, ove 7 ABI'H mvgapls
npog tyy AEZ®O mvgeulda toimiaclova Adyov Exe
fince  BI" mpdg vy EZ.

1. pacig dotl o V. 3. 1'7]] om. V. = 5. t0d — adriy] ov

Boacis V. 11, % — melopazog] Pooty vo molopn q.  vowovto]
om. BVq. 12 74] 76 ad16 Bq et corr. ex at10 6 V

xaf] om. BVq. rotydvovg, -ovs e corr, m. 2 V., 13. zdg
om. g. xel] om. q.  Td] Tdg q. nel g — 14. Ssifou

om. Theon (B Vq). 17. elolv B. 20. facig B, corr. m, 2,
noguer] B, corr. m. 1. 21. 8¢] 8} avrav fortw V.
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cuius basis est 4 B triangulus, uertex autemn I" punctum,
tertiam partem esse demonstrauimus prismatis, cuius
basis sit 4BI triangulus, ei antem oppositus 4EZ,
etiam pyramis, cuius basis est 4BI triangulus, uertex
antem 4 punctum, tertia pars est prismatis eandem
basim habentis triangulum ABI', ei autem opposi-
tuom AEZ.

Corollarium.

Hinc manifestum est, omnem pyramidem tertiam
partem esse prismatis, quod eandem basim habeat et

altitudinem aequalem.!) — quod erat demonstrandum.
VIIL

Similes pyramides triangulas bases habentes tri-
5’ 0 plicatam- inter se ratio-
K 4, 4 | nem habent quam latera

4 | correspondentia,
Sint pyramides simi-

N

8 <~ 'P les et similiter positae,
B . E y quarum bases sint 4BT,
AEZ trianguli, uertices autem H, © puncta. dico, esse
ABT'H: AEZ®=BI®:EZ°

1) Quae sequuntur uerba lin. 10—14 sine dubio subditina
sunt, scripturam codicis P in fine lacunam habere, recte signi-
ficanit August; nam uerba xal &g % 61y Pacis meds Excoroy
princi(fium est amplioris demonstrationis. cetera in P satis
emendate leguntur, cum in codd. Theoninis omni sensu ca-
reant. sed etiamsi sana essent omnia, haec uerba tamen su-
specta essent, quia, ut saepius monui, demonstrationem corol-
larii adferre nihil adtinet.

Euwclides, edd. Heiberg et Menge. 1V, 12
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Svuneninouodeo pep o BHMA, EOIIO 6regee
mopoddnlenineda. xel Ewel ouole dotlv ) ABI'H
nvgauls ] AEZO mvgauid, lon doa fetlv 7 ulv
vno ABT yovie vjj vwd 4 EZ yovle, 3 0% vno HBI
i Um0 @EZ, 0 0t im0 ABH tfj im0 AE®, xai
dorwv @g 1) AB mpdg vy AE, obrwg % BI' medg v
EZ, xal % BH modg v EO. xal énel éorwv og %
AB meds tyv AE, otvwg % BI meog wyv EZ, xal
wepl loag yovileg af micveel avadoyév slew, Gpotov
doa éotl t0 BM megaiinidygappov v EIT magad-
Apdoyodupe. O t& avte Oy xel zo piv BN 16
EP duowdy éov, 10 0% BK 16 EE' v vele &oo To
MB, BK, BN il voig EIl, EE, EP duote éoriv.
dAde Te ptv tole v MB, BK, BN zgi6l tois anevay-
rlov oo & xal Spowd oviv, ta 0% vole va EII, EF,
EP tgi6l voig dmevavriov loa te xal Ouod é6Tiv. 1o
BHMA, E®IIO é&ga oteget: vwd Opoloy Emumédmv
ldoy 10 wAijdog megLéyerar. Gpotov dpa éoti T6o BHMA
orseov ve) EOIIO ovcoed. e 0% Buoiw oregea mag-
aldnieninede v voimdasion Aoye Eotl tav Suoidyov
nAsvodv. 0 BHMA Goa oregeov mpdg ©o EOIIO
otepeov TouwAaclove Adyov Epe. fimep % Oudiopog
mhsvoe %) BIT mpds v Oudloyov mlevgav Ty EZ.
dg 0 16 BHM.A oregedv moog t6 EG®IIO evepedv,
otrwg ) ABI'H mvoauls meog tijy AEZO mvgauide,
énediimep 1 mvgapls Extov udpog darl Tov oregeov
dux 70 xel To wolope fjuiov Ov ToU 6regsov maped-
iniemimédov roumhdaiov elver T mvgeuldog. xal %

2. 7] bis P, corr. m. 1. 5. OEZ) e corr. V. 9. oy
q. 10. magallnioyeappor] (prius) om. V. 13. éom V.
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Expleantur enim solida parallelepipeda BHM A,
E®1I10. et quoniam similis est 4 BI'H pyramis py-
ramidi 4EZ@®, erit [ AB'=AEZ, | HB'=0OEZ,
LABH = AE®, et est AB: AE = BI': EZ= BH
: EO [XI def. 9). et quoniam est 4 B: JE=BI":EZ,
et latera angulos aequales comprehendentia proportio-
nalia sunt, erit BM ~ EII [p. 83 not. 1], eadem
de causa erit etiam BN~ EP, BK~ EJF. itaque
tria MB, BK, BN tribus EIlI, EFE, EP similia sunt.
uerum tria MB, BK, BN tribus oppositis aequalia
sunt et similia, tria autem EII, EX, EP tribus oppo-
sitis aequalia sunt et similia [XI, 24]. itaque solida
BHM A4, E®IIO planis similibus numero aequalibus
continentur. ergo BHM A~ E® IT0 [XIdef. 9]. similia
autem solida parallelepipeda triplicatam rationem ha-
bent quam latera correspondentia [XI, 33]. itaque
BHMA:E®IIO = BI®: EZ3 sed BHMA:E®IIO
= ABI'H: AEZ®, quoniam pyramis sexta pars est
solidi, propterea quod prisma, quod dimidium est so-

15, lo« te xel] om. V. dom q, comp. V. za] (alt.) om. B.
16. tquel — Zomiv] loo t¢ nal dpowr teiol toly amevavviow forl
BVq. 16. éom P. 17. otsgse megullnloeminede V.

19. oregeov] om. V.  20. doriv B. 22, 16v roimlaclove q.

26. &xtov) 5 q. 27. magullnlosmz. V.

12%
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ABI'H &gpa mvoapls meds tv 4 EZO nvgaulde toi-
nlaclove Abyov éyei fimsp §) B mpdg Ty EZ- Gmeg
&0& dctkne.

Hégiapa.

6 Ex 075 tovrov gavegdv, Sn xal af modvywvovg
#ovoar Pdoeg Ouoiar mvgauides meog didjiag év
rouwdadlove Aoy &lol tov Ouoddyov misvedv. Juae-
pedaodv pag avtov &g vog v avraly wvgauldeg
rouyavovg Pdoelg €povoas T xal te Suoie moAvyeve

10 v Paoswv &l Spoia tolywve dimigeiodor xai iow
t wAde xal dudloye voig 8loig Eorar @g (4] év v
érépe plo mvgapls tolyavov Epovee Pdewv meds Tav
év o] fréog plov mvgaplde rTolyevov Eyoveav facwv,
obtwg xal Gmacow of év tf évépa mvgauide mueauides

16 Touydvovg Eyovear Paceis wpodg Tog &v T évépn mugw-
plde mvgauldag touyevovs Paceig €povoag, Tovrésriy
ety 1) moAvywvov fdow Epovex mugauls meds THY
moAvyovorv fdaw Eyoveav mvgaulde. % 0% volyevov
Paaw Egovea nvgauls meods THv Telywvoy Bioy Exovoay

) &v rgimdaciovt Adye éotl tdv dpoidywv mAsvedv® xal
% moAbywvov dga Pacwy Eyovea medg T bpolay Paciy
Eoveay tourdaciove Adyov Eys fimee 7 mAsvgn meog
Y mAEvQY.

9.

25 Tav lowv nvgauldor xal totymvovg facstg

yovaav avrimendvdadiv al fdocig rolg Dypsowv:

_—— 3
2. Gmeg] punctis del. V. 8. s deifa:] om, V.

4, mégiopc] om. q. mée. — 28. wAsvedy] mg. m. 1 P.

5. aﬂ om. q. 7. slalv PB. 8. év] om. V. avrag V,

avrois q. 10. »al] nel els V. 11, %] om. P.

12. roydvovg et faoerg V, corr, m, 1. 13. pley mveapida]
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lidi parallelepipedi [XI, 28], triplo maius est pyra-
mide [prop. VII}. ergo etiam 4BI'H: AEZ®=BI">: EZ?;
quod erat demonstrandum.

Corollarium.

Hinc manifestum est, etiam pyramides similes, quae
polygonas bases habeant, triplicatam rationem habere
quam latera correspondentia. nam si eas in pyramides
triangulas bases habentes diuiserimus, eo quod etiam
similia polygona basium in similes triangulos numero
aequales et totis correspondentes diniduntur [VI, 20],
erunt, ut in altera una pyramis triangulam habens
basim ad unam pyramidem alterius triangulam basim
habentem, ita omnes pyramides alterius pyramidis
triangulas bases habentes ad omnes pyramides alterius
pyramidis triangulas bases habentes [V, 12], h. e. ipsa
pyramis polygonam basim habens ad pyramidem poly-
gonam basim habentem. pyramis autem triangulam
basim habens ad pyramidem triangulam basim haben-
tem triplicatam rationem habet quam latera corre-
spondentia [prop. VIII]. ergo etiam ea, quae poly-
gonam habet basim ad eam, quae similem basim habet,
triplicatam habet rationem quam latus ad latus.

IX.

Pyramidum aequalium et triangulas bases haben-
tium bases in contraria ratione sunt atque altitudines;

VIII. coroll. Psellus p. 85.

mveaplde (1 e corr.) pluy V. Baawy Exoveay BYV. 14, v]
éxl q. 1p. paocerg Fyovoar V. 20. éot/] om. q.
22. roumddoioy V., 26, tyear PVq.
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xal 0v mvgauidov Toiydvovs fddeis govedy
evrinewdvdagiy af Bdosig Tolg Ueowy, Lo
slolyv éxeival.

"Eotwcay pag l6ar mvgauides touywvovs fdosts
&oveor tag ABI, AEZ, xopupdag 0t va H, ® o7-
usia Adyw, 8ve vév ABI'H, AEZ® mvoouldov avre-
mexdvdacy of Pdoeg vois Tyeow, xal oty g W
ABI Bdog mgog vjy AEZ fecww, ovrms to0 Tijs
AEZ® mvgauidog tog mos to tijg ABI'H muga-
pidog Dyog.

Svuneninododo yep @ BHMA, EOIIO orepen
wapoeddnienineda. nal émel lon éoviv 7 ABTH mu-
oopls ] AEZO mvgaulde, xal éo6ve tig udv ABT'H
mvpauidos Efamddoiov ©6 BHMA oregeov, tig O
AEZ® mvgauidog Efamiaciov t0 EGIIO oregeov,
loov dpa éotl 10 BHMA oregeov ¢ EOITO oregeg.
thv 0t ldov orepedy mogaAlndemnédov Gvrimendv-
Qoo of Pieeag toig Uyeaw fomwv &oa s § BM
Beeig moos v EII Bdew, obreg t0 tov EGIIO
otsps0v Dpog meog 0 tob BHMA 6regeot Tyog.
@il og 7 BM pdeig mgog tqv EII, obrwg o
ABI toiyovov mpis ©0 AEZ rolyovov. xal ag
dpa 10 ABT voiyovov mgds 16 A4EZ telyovov, ov-
twg 10 tov E@I1 O ovegeod Dpog meog ©o vob BHMA
ovsgeov Uog. adda vo0 updv tov EG@IIO oregeov
Tog ©0 avre dott 16 tiis AEZ® mvgauldog Tpe,
70 0} o0 BHMA oregeov Tpog 0 avrd dove vdh
tiig ABI'H mvgauidos vye &o6twv dou og 7 ABT

2. loar &lolv] mg. w. 1 postea add. P; foa (corr. m. rec.)
doriv V. 8, lueive V, corr. m. rec. 4. loat] om. q.
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et quarum pyramidum triangulas bases habentium
bases in contraria ratione sunt atque altitudines, eae
aequales sunt.

Sint enim aequales pyramides bases triangulas ha-
bentes 4BI’, 4EZ, uertices autem H, ® puncta.
dico, pyramidum 4 BI'H, 4EZ® bases in contraria
ratione esse atque altitudines, et esse ut 4BI': 4EZ,
ita altitudinem pyramidis 4EZ® ad altitudinem py-
ramidis 4 BI'H.

expleantur enim solida parallelepipeda BHMA,
EO®ITO. et quoniam ABI'H = AEZ®, e¢t BHMA
= 6A4BI'H, EBGIIO = 64EZ® [p. 118, 26], erit
BHMA — EG®IIO. uerum aequalium solidorum par-
allelepipedorum bases in con-
traria ratione sunt atque alti-
tudines [XI, 34]. erit igitur,
I y WBM:EI, ita altitudo so-
INJ/" lidi EOIO ad altitudinem
B T solidi BHMA. sed BM: EII

= ABI': AEZ [1,34]. quare
etiam ut ABI': 4EZ, ita
altitudo solidi E@ITO ad alti-
tudinem solidi BHM 4. uerum altitudo solidi E®ITO
eadem est atque altitudo pyramidis 4EZ®, altitudo
autem solidi BHM A eadem est atque altitudo pyra-
midis ABI'H; itaque ut 4BI': 4EZ, ita altitudo

4

Iy

e

z I

#yovoar Bdoeis B. 7. vypea Vq. 15. mvgapldog] om. V.,
EeOIl V. 16. fﬂ‘lg om. V. 19. EOIIO q.

21. MB Vq. EII faey Vq 22. ABT tolywvor] EOIIO

cregeod vpog V, corr. mg. m. 2. 6] ins. m. 1 q.

26. édotiy PB. 27, domv B.
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Beeig mog v AEZ fdew, otrag to tis JEZO
nveauidog,Uog meog 10 vijg A BI'H mugauidog tpog.
t6v ABT'H, 4EZ@® #&go mvgepidov cvrimendvdaciy
ol Boeeig Tols Upseiy.

‘AAAe 87 tov ABT'H, AEZO mvoapidov avri-
newovdérwoey of Pdosg Tols Uyedwv, xal foto og B
ABI" fdeig meds v AEZ Pdew, olrmg o tijg
AEZO® mvgauidog tpog meds 10 tijs ABI'H mvoa-
widog Upog® Aéyw, 8v lon fotlv vy ABI'H mvgauls
] AEZ® mvoauidt.

Tov pag avtev xevacxevacdéviov, énel dotw og
% ABI Bdoig mgog v AEZ Pdew, odrmg o tijg
AEZO® mvoauidog Tyog meog t6 tiig ABI'H muga-
uldog Tpog, @il wg 5 ABI Pdewg meog v AEZ
péowy, ottwg 0 BM mapaiinidygepuov meog to EIT
wagadAnddygappov, xal ag doa To BM magaiinio-
yooupov meog ©6 EIT magadinidyoeuuov, obrwmg o
tijg A EZ® mvgouldog vpog meog 16 tije A BI'H mvga-
widog Tpog. arde ©o.[uiv] vijg JEZ® mvgauldog
og 10 avre dere e vov EOIIO magadiniemmédov
e, 10 0% v ABI'H mvgauidog Tog 6 avrd
dore vy o0 BHMA megarlniemmédov tpe Eoriv
doa g § BM fdeig modg v EIT fd6w, odrmg o
100 EGIIO magpaliniemizmédov Uypog moods 10 TOD
BHM A nagaiiniemmédov Gog. dv 0t orepedv map-
aldnlemnédor avnimendvdaow of Pdasg Tolg Uyeowy,
lox éotly éusiva: lgov dpo éotl ©0 BHMA erepeov
nepeiinieninedov v E@IIO ovegee mapalinieninsdo.

3. doa] om. V.  -faaw in ras. V. 6. tyeoL Vq.
15. ©¢] (prius) bis V. 17. magaiinidyeauor P, 18. 77g]
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pyramidis 4 EZ® ad altitudinem pyramidis 4BI'H.
ergo pyramidum ABI'H, 4EZ® bases in contraria
ratione sunt atque altitudines.

‘Jam uero pyramidum 4BI'H, A4EZ® bases in
contraria ratione sint atque altitudines, et sit ut
ABI': 4EZ, ita altitudo pyramidis 4EZ® ad alti-
tudinem pyramidis 4 BI'H. dico, esse

ABI'H = AEZ@.

nam iisdem comparatis quoniam est, ut ABI": JEZ,
ita altitudo pyramidis 4EZ® ad altitudinem pyra-
midis 4BI'H, e¢ ABI': 4EZ = BM:EII (I, 34),
erit etiam ut BM : EII, ita altitudo pyramidis 4EZ®
ad altitudinem pyxramidis ABI'H. uerum altitudo
pyramidis JEZ® eadem est atque altitudo parallel-
epipedi E@IIO, altitudo autem pyramidis 4BI'H
eadem atque altitudo parallelepipedi BHMA. quare
ut BM: EII, ita altitudo parallelepipedi E@I10 ad
altitudinem parallelepipedi BHM A, quorum autem
solidorum paralielepipedorum bases in contraria ratione
sunt atque altitudines, ea aequalia sunt. itaque BHM A

(gprius) ins. m. 1 V., 19. pév] om. P. ”2é. douv B.
or1 Tid] EoTm q. 25. wagadlniemnidov vipog] om. V.,
27. 4otf] om. V.
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%ol éote Tov udv BHMA Exvov pépog 4 ABI'H mv-
oauls, tov 02 E@II0 magaldniemmédov Exvov uégog
7 AEZ® mvgeuis ey dooa 1 ABI'H mveepls i
AEZ® mvoauidt. :

Tév éoa lowv mvgauldov xal toiymvovs Paceig
éyovody avrmendvdaew of faeeig Tols Tpediv: xal
ov mugeuldov Touywvous Pdoes égovedy dvrimemdy-
Baow af fucsg vols Upeow, loaw slolv énelvar” Smep
e deibou.

’

¢
IIég xdvog xviivdgov tolrov puépog 6zl Tov
N 3 \ ’ L] -~ (x4
Ny evinv Baciy £govrog avtg xal Gyog Leow.
‘Eyéve poo xevog xviivdpe Pdow te v avriy
1ov ABI'A xvxdov xel Upog lov™ Aéym, Gri 6 xdvog

15 0¥ xviivdgov telrov éotl uépog, TovréeTiv GTi & V-

20

Awwdgog Tov xwvov ToiwAecloy éoriv.

El pag pi dotiv 6 xvdwdgog T0ov xwvov toimie-
lov, &oter 6 xvAwdgog ToD x@dvov fitor pelfwv 7
roumdacioy 1 éAdoowv 7 toimdadlov. E6Ttm mEdTEgov
ueltov 1 roumdaciov, xal éyyeyodpdo &g tov ABI'A
wvxhov vevgdywvov ©0 ABI'A: ©d 61 ABI'A tergd-
yovov ueitév dotw 9 T0 fjuev tod A BI'd xvxdov.
xel dvedrdt® dmd tov ABIA tevgaywvov meloua
lootipis v xvAivdow. To 0% dvieTdusvov meloue welicy

»

1. douv PB. 8. lon doa 7] % dox BVq. 4. mveauld:
Zon éoriv BV q. 6. oyroL q. 7. -uldw» toi- in ras. m.
rec. V. 8. loa fotly dxetva P. 9, #3s deiken] in ras, m.
rec. V. 14. AB’'P. 6] om. q. 15, péeog dovl V.
6] om. q. 16. zoiwidoioy P, corr. m. 2. Zoros B.
17. &l — 18. foror] om. B, mg. add. m. 2: & yae — pedfoy,
deletis merbis 0 xvlwwdgog ToT xVOV. 17. un yde P
19. didrrav V. 20 yeypdgdw q. 21. 70 ABI'4] supra
m. 2 B. 23 xef] om. q.  24. @vectapévovr PBVq.
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= E®IIO. et AB'H = '[,BHMA, AEZ6 ="'/, E®IIO
[p. 178, 26]. itaque ABI'H = AEZ®. '

Ergo aequalium pyramidum et triangulas bases
habentium bases in contraria ratione sunt atque alti-
tudines; et quarum pyramidum triangulas bases haben-
tium bases in contraria ratione sunt atque altitudines,
eae aequales sunt; quod erat demonstrandum.

X.

Omnis conus tertia est pars cylindri, qui basim
eandem habet et altitudinem aequalem.

Nam conus eandem basim habeat, quam cylindrus,
circulum ABI'4, et altitudinem aequalem. dico, co-
num tertiam esse partem cyhndrl, h. e. eylindrum triplo
maiorem esse cono.

nam si cylindrus cono triplo maior non est, erit

- cylindrus aut maior quam
triplo maior cono aut mi-
nor, prius sit maior, et
in eircalo 4 BI'J inseri-
batur quadratum ABI'A
IV, 6). itaque quadratum
ABI'4 maius est quam
dimidium eirculi 4BI'A
[p- 142, 9]. et in qua-
drato 4BI'4 construatur
prisma eandem altitudi-
nem habens quam cylindrus, itaque prisma con-
structum maius est quam dimidium cylindri, quoniam

X. Hero stereom. I, 14, 3. Psellus p. 56.
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ot 1 10 fuev tov xvAivdgov, émedijmeg xdv megl
10v A B4 xbxhov terodynvov meguyodPouey, 10 dyye-
yoouuévoy &lg 1ov ABI'A xvxdov tevodymvov fuieY
dotL 10D mEQuysyoappivov” xal 6T Ta AT AVTBY dv-
tordpueve O1EQse magalinieninede molopate (Govyd):
re 0% Uwd T0 avTo tPog Ovve ovegea magaliniewimsda
wolg &Ainia dotww ag of Baeeis xel v6 éni vov ABIA
dgo reToaywvov avadrodtyv moleue fuioy éott ToU
aveoradévrog moloparog dmd Tob megl vov ABI'A
nOxAoV mEQLYQUQPEVTOg TETPayRvov” xal d6Tiv 6 XVALy-
dpog éldrrov Tov molouavog ToD dvacTaddvrog amod
T0¥ megl 1ov A BI'A xvuxdov neguypapévrog tergayavov:
70 dga moloue o dvastadiv amd vov ABI'A rerga-
yovov lGoipts T xvAlvdge ueitov fot Tol Nuloemg
100 xvAivdgov. terpaiodweay af AB, BI', I'd, 44
neoupéosion Olye xoeve v E, Z, H, ® oqueia, xal
énetevydwoay of AE, EB, BZ, ZI'y TH, HA, 40,
@A ol Exacrov dpo vov AEB, BZI', THA, 4604
Touydvey usifdy oty 1 o fuiov vob xed Eavrd
twiparog vov 4 BI'A xvxiov, wg Eungoedey édeltnvvusy.
aveerdte ép’ éxderov tov AEB, BZI'y THA, AG A
Touyevar molopate (6oUYT Te xvilvden” xel Exadrov
doa TV avactadévrov moicudrav psiiéy dotww 1 o
fiutev uégog rov xud’ favrd Twiparog Tov xviivdgov,
éneidijmep dov dia tov E, Z, H, O onuslov magel-
Mjdovg vaig AB, BI'y I'd, 44 cydyousv, xal cvy-
niyowoousy ta énl vév AB, BT, I'd, 44 negai-

1. {6t q. 4. éon] (prius) foren q; Zorv B, 5. loovyi
orepex Theon (BVq). welopaze] om. q.  loovys] om. Theon
(BVq). 6. 04 — mupaldnisninzda] &oa molopara Theon
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8i circum circulum 4 BI'A quadratum-circumsecribimus
“[1V, 7], quadratum in circulo A BI'4 inscriptum dimi-
dium est circumsecripti {p. 143 not. 1]; et solida in iis
constructa parallelepipeda') sunt prismata eandem alti-
tudinem habentia. solida autem parallelepipeda eandem
altitudinem habentia eam inter se rationem habent
quam bases [XI, 32]. quare etiam prisma in qua-
drato 4 BI'4 constructum dimidium est prismatis con-
structi in quadrato circum ABI'A circulum circum-
seripto; et cylindrus prismate in quadrato circum 4BI'A4
circulum circumscripto minor est; itaque prisma in qua-
drato 4BI'4 constructum eandem altitudinem habens,
quam cylindrus, maius est dimidio cylindri. secentur
arcus AB, BI', I'4d, 44 in punctis E, Z, H, & in
binas partes aequales, et ducantur 4E, EB, BZ, ZT,
I'H, H4, 40, ®4. itaque etiam singuli trianguli
AEB, BZI'y 'HA, 46 A maiores sunt dimidio
segmentorum ad eos pertinentium circuli 4BI'4, ut
supra demonstrabamus [p. 142, 22]. iam in singulis
triangulis 4 EB, BZI, 'Hd4, 40 A prismata con-
struantur eandem altitudinem habentia quam cylindras.
itaque etiam singula prismata constructa maiora sunt
quam dimidia segmentorum cylindri ad ea pertinen-
tium, quoniam si per puncta E, Z, H, & rectas rectis
AB, BI', I'4, 4A parallelas ducimus, et parallelo-

1) mopailnilenimeda hic ut semper fere adiectiuum est,
sed pertinet ad melopero, non ad oregec. exspectaneris dv-
iotopeve moloputa orseea magallnieminedo loovys (dwiot.
wmplopuza loovyi otegsa mepall. coniecit Aungust).

(BVq). 1. slow Bq. £7zl] and q. 14. nulosog BV q.
19. tolyovoy q. 21, 4¢’] xp’ V. 28, -¥ 9j] add. m. 2 P,
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AnAdygappe, xal dm’ aUTOV dvasTiCmusy 6TEQER
regaidinienineda (oot te xvilvdew, Exdorov tév
avaeradévrov nuley éotl ta molopare e éml Tov
AEB, BZI', THA4, 40 A vowydvav: xal dott ta
100 xvilvdgov Tuiuera éAdrrove THV dvacTadéviav
ots0c0v megalindeminidov: @ore xal ve énl tov AEB,
BZI, THA4, 48 A4 toiyovev nelouata pelfovd oty
7 ©0 fuiev Tév xed’ fevia Tov xviivdgov TunudTa.
téuvovres 01 Tag UmoAsimousvag megupegslas Olye xal
émtevyvivrsg evdelng xal dvierdvrey ép’ éxdérov
Tdv Toydvev wmolopare (GoUYR te xvilvdee xul
ToDTo de&l motovvreg xaveAelpoudv Tva dmorurpare
100 xvilvdgov, & Eotaw fAdrrova tTig Umegoxfis, N
vmepéyer 6 xVAwdgog ToD TEimAaclov Tod xdvov.
Asdelpdw, xal f6tw ta AE, EB, BZ, ZI'y, TH, HA,
A0, @4* Aowmdv de to molouw, ol fdos ulv o
AEBZTI'HA® moldywvov, tyog 0% 6 avrd v¢ xv-
Avdge, peilov ot 17 toimideiov ToD xwbvov. dAla
70 molopa, ov Bdois uév éov 10 AEBZITHA® modv-
yovov, tpog 0F 16 avro T@ xvilvdop, ToimAdaidy dotu
zijg mveauidog, ng Pdoig wév éore 10 AEBZI'HA®
noAvpavov, xogupry 0 7 avty TP xdve” xal § mv-
oaulg &ga, ng Pecis pév [éots) 10 AEBZI'HA® mo-
Abyovov, xogopy 0t 7 avry 6 xeve, pelfov éotl
tov xwvov tod Paew &povtog tov ABI'A xvxiow.
dide xal Aarrov: dumegiéystar poo X adTov” Gmeg

V;Llcma: BY molope P, corr. m. rec. 5. omozy.n-
poza B 8 11 bis P. Tév] 0¥ q. foevra) -va
e corr, m, rec. P; éza q. 10. {9’} agp’ V. 13. &) supra
scr. m, 2 B. #ldcoova P. 14. novov q. 15, Ze-

Lipdw q. 17. ABEZT'HAO©A P, AEBZI'HA4OA V.
18. xdvov q. 21. éont] om. V, AEBZTH®4 V.
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gramma in rectis 4B, BI, I'd, 4A explemus et in
iis solida parallelepipeda construimus eandem altitudi-
nem habentia, quam cylindrus, prismata in triangulis
AEB, BZI, 'HA4, A48 A4 constructa dimidia sunt
singulorum parallelepipedorum’); et segmenta cy-
lindri minora sunt solidis parallelepipedis, quae con-
struximus; quare prismata in triangulis 4EB, BZT,
I'Hd, 40 A4 constructa maiora sunt quam dimidia
segmentorum cylindri ad ea pertinentium. itaque si
arcus relictos in duas partes aequales secuerimus et
rectas duxeriinus et in singulis triangulis prismata
construxerimus eandem altitudinem habentia, quam cy-
lindrus, et hoc semper fecerimus, frusta quaedam cy-
lindri relinquemus, quae minora sunt excessu, quo cy-
lindrus triplum coni excedit [X, 1]. relinquantur et
sint 4E, EB, BZ, ZT, TH, HA, 40, ®A. itaque
quod relinquitur prisma, cuius basis est polygonum
AEBZI'HA4®, altitudo autem eadem ac cylindri,
maius est quam triplo maius cono. uerum prisma,
cuius basis est polygonum A EBZI'HA®, altitudo
autem eadem ac cylindri, triplo maius est pyramide,
cuius basis est polygonum AEBZI'HA®, uertex
autem idem ac coni [prop. VII coroll]. quare etiam
pyramis, cuius basis est polygonum AEBZI'HA®,
uertex autem idem ac coni, maior est cono, qui basim
habet ABI'4 circulum. uerum etiam minor est (nam

1) Hoc ex XI, 28 colligitur ductis ab E, Z, H, © rectis
ad 4B, BI', I'd, 44 perpendicularibus.

22. xévo q. 23, éo7] om. P, 24. %6vo q. dotiy
P. 25 xévov in ras. q.  26. vx’] corr. ex ¢n’ m. 2 B.
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dotlv ddvvarov. ovx &oo detly O uUAwdgog Tov xw-
vov usilwv 1 ToimAdeiog..

Aéya 01, Gt 000} éAdvrev dorlv 1) toumddoiog O
uvlwd‘gog ToU x@vov.

E¢l yag 6vmx1:ov, form élanaw 1 t@mladtog 0 xv-
Awdgog Tov x@VOUL" evenaly oo & x@vog Tov xU-
Avdgov pelwv otlv 4 tolvov pégos. éyyeyodple
07 &lg 1ov ABI'A xvxdov verpayavov ©o ABIA" o
ABTI'4 é&pa terodymvov uslfév éomw 7} 10 fjuiocv Tov
ABTA4 xvxdov. xal dveordro axd vov ABI'A verga-
yovov mugapls Ty aviny xopueny Epovea tQ xwve:
7y dou dvecvadeide mvgapls psifov doviv 1 TO fuiov
uéoog Tov xevov, éneidnmeg, wg Eungoodev eixvupey,
Sr éav mepl TOV AUxAov TETEAY@VOV WEQLYQUPDUEY,
éotar 160 ABI'A tergdyovov fuiev Tod mepl Tov x0-
xhov meQuyeygauuévov TeT@aywvov' xal av AmO THV
TeToaydvay  Otepea megalinlemimsde  dvacricmusy
leotyi] T6 xwve, o xel xedsitar molomera, EoTer TO
aveoradiv and vrov ABI'A rtevoaywvov fuiev tov
avaeTadévrog amd Tov megl TOV avxAov meQuypapivrog
TETQaYOVOV® TPOS FAAnAa pag El6wy dg al facelg. dote
xel Td Toiva' xal mvpauls dga, fig Pdoig v6 ABIA
TeTQayovoY, Tuiey é6t. tiig mvoauidog Tig dvecta-
elong ano Tov mepl TOV xUxAov WeQuyQa@évTog TETQN-
yovov. xal dovi upelfmv 7 mvgauls 1 dvecredelcw
amd 10D megl TOV AUXAOV TETQAYWVOV TOU HedwoUu "
dumegiéyes pop adrdv. 14 dpa muvgaulg, g Pdaig 1o

1. doziv] om. V. dovtv] foten BYV. xévov q et sic
postea. saepe. 3. éatlv] om. V. Toimddoids doTiy %

8. 10 ABI'd — 9. za'roayawov] mg. m. 1P, 10. nmnyw-
vov] in ras. q. 13. pégog] om. V., 14. mepuyoaypousey
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ab eo comprehenditur); quod fieri non potest. itaque
cylindrus maior non est quam triplo maior cono.

Iam dico, cylindrum ne minorem quidem esse quam
triplo maiorem cono.

Nam si fieri potest, sit eylindrus minor quam triplo
maior cono. e contrario igitur conus maior est tertia
parte cylindri. iam in circulo 4BI' quadratum in-
scribatur 4BI'4 [IV, 6]. itaque quadratum A BI'4
maius est quam dimidium circuli 4BI'4 [p. 142, 11].
et in quadrato 4 BI'4 pyramis construatur eundem
uerticem habens, quem conus. itague pyramis ita con-
structa maior est quam dimidium coni, quoniam, ut
supra demonstrabamus [p. 143 not. 1], si circum circu-
lum quadratum circumscripserimus [IV, 7], quadratum
ABI'A dimidium erit quadrati circum circulum ecircum-
geripti; et si in quadratis solida parallelepipeda ean-
dem altitudinem habentia, quam conus, construxerimus,
quae eadem prismata uwocantur, solidum in quadrato
ABI'A constructum dimidium erit solidi construecti in
quadrato circum circulum circumseripto (nam eam
inter ‘se rationem habent quam bases) [XI, 32]. quare
etiam partes tertine. itaque etiam pyramis, cuius basis
est quadratum 4BI'4, dimidium est pyramidis, quae
in quadrato circum circulum circumseripto construitur
[prop. VII coroll]. et pyramis in quadrato circum
circulum circumscripto constructa maior est cono (nam
eum comprehendit). itaque pyramis, cuius basis est

Terpayovoy BV q. 15. fpiov] -pe- in ras. V. 16. megi-
yeyoapuivov] megiyoagpoutivov V. Tetoaydvov] om. V.

18. nedel in fine lin, P, 19. 7o#] (alt.) corr. ex 6 m. 1 P.
22. role q, corr. m, 1, 28. oty P, 217, mequéyer q.

Euclides, edd. Heiberg et Menge. IV. 13
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ABI'A revgdpamvov, xogupy 0t % avry ©6 xwve,
pelbov Eotiv 1) 10 fjuiov ToU x@VOV. TETUNORWERY al
AB, BI', T4, 44 megupéperar 8y nata o E, Z,
H, ® enpeia, xol énetevydwoav of AE, EB, BZ,
ZI, 'H, HAd, A0, ® A" xal éxaorov dgo 1oy AEB),
BZI'y 'H4, 404 zouydvev uellov dotww 1 1o
fluov uégog tov xed’ équrd tufuerog tov ABIA
wUxdov. xel dvedrdrocav ép’ éxdevov v AEB,
BZI'y, TH4, 4604 rguydveov mvgauldeg tiv avny
xogupny Eyovear TP xove' xal Exdory doa Tov
dvaoradacoy mvgeuldov xera TOV «vtov Tedmow
ueltov éotly 7 1o fuev pépog Tov xed’ Eoveyy Tui-
poarog tod xdvov. téuvovres 0f tég Umodeimoudvag
meoupegelog Olya xal émibevpviveeg e0delog nol dv-
woTovTss dp’ EndoTov T@Y TQYOVOY Wugaulde Ty
attyy xogupyy Epovday e xdve xal Todro ael moi-
otvres navadelpouéy Tive amorufuera Tov xw@vov, &
foraw EhdrTove Tijg Umegoyig, N UMEQEYEL 6 xBVOG TOD
toirov pfpovg Tov xviivdgov. Aedslpiw, xal f6rw
ve énl vév AE, EB, BZ, ZI'y 'H, Hd4, 40, 84"
Aoumn) doe 7 mugeuls, g Paoig uév éotivd AEBZTHA®
woAvyavov, xoguen 0t ) avty T6 xwve, uelfwv dotly
7 tolrov uégog Tob wvAlvdgov. &A% mveeuls, %
pdoig uév éore vo AEBZI'HA® moivymvov, xoguey
0t 7 avty v xwdve, rolrov dotl uégog Tov mlouarog,
00 Pieig uév dove 16 AEBZIT'HA® moddyovov, tiog
0t 10 avtd Te xAlvdgw® TO dga molopx, o Pdais

2. 76] om. P.  «f] bis P, sed corr. 8. zd] %6 q.
6. ©4] om. B. 8. 49p’] agp’ BVq. 10. Eyovesg V.
12. peitov P, corr. m. rec. faveé PBVq; corr. ed. Basil.
17. tpnuate BV, 19. iedijpdw q. 21. AEBZT'HA46] ©
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quadratum 4 BI'A, uertex autem idem ac coni, maior
est quam dimidium coni. iam arcus 4B, BI', I'd, 44
in punctis E, Z, H, ® in duas partes aequales secentur,
et ducantur 4E, EB, BZ, ZI', 'H, HA, 40, GA.
itaque singuli trianguli A EB, BZI, I'H4, 4@GA
maiores sunt quam dimidium segmentorum circuli 4B
- ad eos pertinentium [p. 142, 22]. et in singulis triangulis
AEB, BZI, TH.A, 40 A4 pyramides construantur
eundem uerticem habentes, quem conus. itaque etiam
singulae pyramides, quas construximus, eadem ratione!?)
maiores sunt quam dimidium segmentorum coni ad
eas pertinentium. si igitur arcus reliquos in duas
partes aequales secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eundem
uerticem habentes, quem conus, et hoc semper feceri-
mus, frusta quaedam coni relinquemus, quae minora
erunt excessu, quo -conus tertiam partem cylindri ex-
cedit [X, 1]. relinquantur et sint ea, quae in AE,
EB,BZ,ZI''I'H, Hd4, 40, ® A4 posita sunt. itaque
quae relinquitur pyramis, cuius basis est polygonum
AEBZI'HA®, uertex autem idem ac coni, maior est
tertia parte cylindri. uerum pyramis, cuius basis est
polygonum 4 EBZI'H A@, uertex autem idem ac coni,
tertia pars est prismatis, cuius basis est polygonum
AEBZI'HA®, altitudo autem eadem ac cylindri.

1) Sc. ac supra p. 192, 12sq. in pyramidibus, quae in
quadratis constructae erant.

corr. ex Buel Z g 22. 7] om. q. 24. AEBTHJO V.
26. forv B, AEBZFHA@] Z supra scr. m. 2 V. 27, 76]
o in ras. m. 2 B. 0 doa — p. 196, 2. nvlivdon] om. q.

13*
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pév éote ©6 AEBZTHA® moivyavov, Uiog 0 To
alto TG xvAlvdem, weifdy dove Tov xviivdgov, ov
Bdaig éotlv 6 ABI'A xvxdog. dAda xel EAevrov: éu-
neQuégston yag U avTov” Gmee fotiy ddvvarov. ovx

5 doa 6 xVAwdgog ToU xbvov éAdrTav doTly 4 TELmAd-
ouog. E0elydn 0F, Ote 0vOt pelfav 9 ToumAdciog” T@L-
whdolog dgx 6 xVAwdQog TOU XWYVOU' d@OTE 6 %ADVOG
tolrov éotl pégog Tov xviivdgov.

Iag éga xwvog xviivdgov telrov uégog fori Tov

10 vy avTyy fdow Egovrog evrd xal Twos iov: Omee
&0e1 Ostkou.

e,
Of v7d 10 adTo UPog Svres xdvoL xel V-
Avvdpor mgds aAdijrovg elolv wg al Paosig.

.15 "Eerocey vmd to adtd Dyog xdvor xel xviwdgor,
v Pdosg utv [elow] of ABT'A, EZHO xvxioe,
akoveg 0t of KA, MN, duouctoor 0% 1ov Pdocwv al
AL, EH' Aéyw, 6t éotlv dg 6 ABI'A xvxhog medg
©v EZH® xixhov, ovtag 6 AA xdvog meds tov

20 EN xdvov.

Ei yoo wij, &otar @g 6 ABI'A wvxdol modg Tov
EZH® xvxdov, ottwg 6 AA xévog 7jwor meog FAac-
60v 11 100 EN xavov oregeov 1) modg usifov. éorw
modregov medg Eleddov 1o F, xel & facadv éomi vo

25 & oaregeov tov EN xavov, éxelve loov éotm ©o ¥
oregedv: 6 EN xdvog dga leog dotl voig 5, ¥ ors-
psoig. Eyyeyoupdw &g tov EZHO wvxdov vevgd-
yovoy ©6 EZH®' 16 &go vetgaywvov usifdv dorw

8. uév dotv Vq. dotly 6] mg. m. 1 P, éloé:taw Va.

4. dorfv] om. V. 8. pégog ot V. 9. doax 6 V
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prisma igitur, cuius basis est AEBZI'HA® poly-
gonum, altitudo autem eadem ac cylindri, maius est
cylindro, cuius basis est circulus 4 BI"4. uerum etiam
minus (nam ab eo comprehenditur); quod fieri non
potest. itaque cylindrus minor non est quam triplo
maior cono. demonstranimus autem, enm ne maiorem
quidem esse. ftriplo igitur maior est eylindrus cono.
itaque conus tertia pars est cylindri.

Ergo omnis conus tertia pars est cylindri, qui
eandem basim habet et altitudinem aequalem; quod
erat demonstrandur.

XL

Coni et cylindri, qui eandem habent altitudinem,
eam inter se rationem habent quam bases.

Eandem altitudinem habeant coni et eylindri, quo-
rum bases sunt circuli 4BI'4, EZH®, axes autem
K4, MN, diametri autem basium AI, EH. dico,
esse ABI'd: EZH® = 44:EN.

Nam si minus, erit ut 4BI'4: EZH®, ita conus
AA aut ad minus aliquod cono EN solidum aut ad
maius. prius sit ad minus %, et sit ¥ = EN = &.
itaque EN = 5 4 %. iam in circulo EZH® inscri-
batur quadratum EZH® [IV, 6]. itaque quadratum
maius est dimidio circuli [p. 142, 11]. in quadrato

tob iy — 11. Jeifas] nol Ta EEijg V 10. {oo¥] supra m.
2 B, 12. ta’'] om. q. 15. ] 7 B. 16. gloww] om. P

17. didpsrgor — 18. EH] om. q; mg. m. 2 B. 19. x9-
alov] supra m. 2B. 44 B, sed corr.  wedg — 22. xdvog] mg.
m 2B.  20. xdvoy] om. BVq 21. fovw Vq. 22, xvxlor]
om. q. 7ro:] om. a3 7 BYV. mo:, — 23. 7] et in textu et
in mg. m. 2 B (7 pro nroz) 24. meoregov] om. q. 28, dome q.
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1 Td fuiey Tov xUxdov. avedrdre amd tov EZHO
TeTpaydvov mvpauls (Govyng TG x@ve' 1) dex dve-
oradeica mvgapls pelfov éorlv 9 v fuev Tov xw-
vov, émedijmep fev meQuyodPouey mepl TOV xUxAoV
Terpdyovov, xel ax’ edvot dvecricmusy mvaulda
loovpt] t6 xove, 1 dyyoapeide mvoauls Tuiov éote
Tl meouppapelong” medg alijlag pdo slow g of
Pdoeg” éhatrav 0% 6 xdvog Tig megLyoapelong wupa-
pldog. tetuiedwoay of EZ, ZH, HO, OF neqi-
péocion Oy xave va O, I1, P, X enusia, xal énetevydo-
6av of ®0, OE, EIl, I1Z, ZP, PH, HE, X6.
xaotov &oe tov @®OE, EIIZ, ZPH, HX® roiye-
vov wsifdv doriv 9 ©0 fuev vod xed favrd Tul-
patog ToU xvxiov. dvedrdte &p’ éxderov vav GOE,
ENIZ, ZPH, HXO tpuyadvov mvgapls (Govyls 6
*¥Dve® xal Exdory &Goa TdYV dvacradsidoy mvoauldov
usliov dotlv 4 ©o fuov tob xad Eoxviyy Turuarog
ToU xwvov. téuvovres O Tag Umodsimouéves megL-
pepelag Olye xal émbevyvivres evdelag xal dviordvreg
énl éndorov tdv Touydvev wvoauideg leovpsly TH
xove xel del vouto mooUvreg xavalelpoudy Twva

6. dory P, 7. dlinle B, corr. m. 2, 8. é1dosav P,
Post mvgapidos add. 7 dga noQupls, %¢ Bdotg o EZH®
tsrpaywwo‘v, uopmpn 8t N adT) TH wdvo, pal{mv dotly 3 vo
7pwov o xdvev Vq, mg. m. 2 B. 10. za] 70 q. P, X]
corr. ex II, P m. rec. P. 11. OE] ®E q. 12. HEGq

13. ab2d V. 14. d9p’ Bq; uerba do’ fxderov supra m.
2V (uidetur_fuisse g’ éudorg). 16. »al] om. V.
17 peoog tov V. avrip] corr. in fevrd V; faved corr. ex

favzov P. 20. éndoteo V.
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EZHG® pyramis construatur, quae eandem altitudinem
habeat, quam conus. pyramis igitur constructa maior
est dimidio coni, quoniam si circum circulum quadratum
circumscripserimus [IV, 7] et in eo pyramidem con-
struxerimus eandem altitudinem habentem, quam co-
nus, pyramis inscripta dimidia est circumscriptae; nam
eam inter se rationem habent, quam bases [prop. VI];
conus autem pyramide circumscripta minor est. se-
centur arcus EZ, ZH, H®, OF in punctis O, II, P,
2 in duas partes aequales, et ducantur ®0, OE, EII,

IIZ, ZP, PH, HX2, X6®. singuli igitur trianguli
®O0E, EINIZ, ZPH, HX® maiores sunt dimidio
segmentorum circuli ad eos pertinentium [p. 142, 22].
iam in singulis triangulis ®OE, EIIZ, ZPH, HX®
pyramis construatur eandem altitudinem habens, quam
conus. itaque etiam singulae pyramides constructae
maiores sunt dimidio segmentorum coni ad eas perti-
nentium [p. 194, 10]. quare si arcus reliquos in duas
partes aequales secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eandem
altitudinem habentes, quam conus, et hoc semper fece-
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anorpijuere To¥ xovov, & Eoter fAdeeove Tov W
orepeot.  AedelpPw, xol forw e éml 1év GOE,
EIIZ, ZPH, HZ®" Aouwy &ga 1 mvgauls, N Pooig
0 @OEIIZPHX moivyovov, Upog 0 ©6 avtd o
xove , pelfov éotl tov 5 oregeov. Eypepodpie xal
el ©ov ABI'A xixhov ¢ GOEIIZPHZX moiv-
pove Gpoidy te xel Opolmg xelusvov molvyavov o
ATATBOI'X, xol dvedraro én’ odtod mvgauls
loovyng 16 AA xdve. émel odv ot dg vo dmd
tiig AT 7dg 70 and vijg EH, otrewg 16 ATATBOIX
woAvyovor mpds 10 @O EIIZ PH X molvyevov, og d¢
10 and wfjg AI' mpdg ©0 amd v EH, olrwg 6
ABTI'd xvrdog meds tov EZH® xvxdov, xel ag &oe
0 ABI'4 wvxhog medg tov EZH®O xvxiov, ottmg Tod
ATATBO®I'X moAvywvov mods 10 OOEINZPHX
woAvywvov. wg 0t ( ABI'A xvxdog meog t0v EZHO
x0xdov, ottwg 0 AA xdvog meog ©0 5 dregedv, g
0t 10 ATATBOI'X moivywmvov mgog v0 @OENZPHX
noAvyovov, obtwg N mvgauls, ng Pdog ulv T
ATATBOIX moldyevov, xoguer 0% ©o6 A enusiov,
7eog Ty mveauide, Ng Pdoig ulv 6 OOEMNZPHXE
wodvpavov, xogupy 0t 10 N onuelov. xal dg dox O
AA xidvog medg 70 5 dreedv, ofrmg 7 mugauls, 1
Pdeis ptv 160 ATATBD®I'X modvywvov, xopuey 0
10 A equsiov, weds Ty mvgaulda, 1g Pl uiv Td
OOEIIZPHZX moivywvov, xopuey 0t ©0 N enuelov®
dvaddat Goa forly dg 6 WA xGvog meds TV v avre
nvpeuide, oUtog To 5 arepedy meog THy dv g EN
1. Zoten] domiv P. 2. ®OE] e corr, q. 3. lotmoy P.

4. OGENZPHZE PB, OEIIZPHE® V.  b. pitor Vq,
et B, sed corr. foziy P. 6. OOEIIZPHZ PBq et e corr.
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rimus, frusta quaedam coni relinquemus minora solido
¥ [X, 1]). relinquantur et sint ea, quae in ®@OE,
EIIZ, ZPH, HXO posita sunt. itaque quae relinquitar
pyramis, cuius basis est polygonum ®OEIIZPHZ,
altitudo autem eadem ac coni, maior est solido Z.
etiam in circulo 4BI'4 polygono ®OEIIZPHZX
simile et similiter positum polygonum 4TATBOPI'X
inscribatur [cfr. VI, 18], et in eo pyramis construatur
eandem altitudinem habens, quam conus 44, iam
quoniam est

ATl :EH?= ATATBO®I'X:@0EIIZPHX [prop.1),
et AT : EH®= 4ABI'4: EZH® [prop. IT], erit etiam
ABI'4:EZHO®O — ATATBO®I'X:O0EIIZPH?Z.
uerum ABI'4:EZH® — A44: 5, et ut

AdTATBPI'X: GOEIIZPHZ,

ita pyramis, cuius basis est polygonum 4 T4TBOI'X,
uertex autem punctum 4, ad pyramidem, cuius basis
est polygonum ® O EIIZ PH X, uertex autem N punctum
[prop. VI]. quare etiam ut 44 : [, ita pyramis, cuius
basis est polygonum AJTATBO®I'X, uertex autem
punctum 4, ad pyramidem, cuius basis est polygonum
@OEIIZPHZ, uertex autem punctum N. permu-
tando igitur erit [V, 16], ut conus 44 ad pyramidem
in eo comprehensam, ita solidum 5 ad pyramidem in
cono EN comprehensam, conus autem 44 maior est

V. 8. ATATBO®I'X] litt. I'postea. add. V. en’ q.
avzd B. 10. 76 (alt.) — 12. odrag 0] mg. m. 1 V.

11. OAEIIPHX B, et P, corr.m. 1. 12. oVrwg &] etiam in
textu V.  15. OOEHPHZJ P, corr. m. 1. 18, ATATOI'X
V. 20, ®OEIIZPHZX B, éw érépw 10 ATATBOI'X molo-
yovoy mg. m. 2. 24, ATATBPI'X] I postea add. V.
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xdve mvgaplde. pelfov 0 6 A4 xévog tiig v avre
wvpauldog petfov &oa xal to E orepedv tig &v Teh
EN xave mvpauldog. didd xal édacdov: 8mep dromov.
ovx doa éotlv dg 6 ABI'A uixhog mpdg véov EZH®
xvxdov, ovtwg 6 A.A xdvog medg EAacady Ti tob EN
xdvov otegedv. Opolwg 01 delfousv, 8ti 000é doviv
wg { EZH® xixlog mwpdg t0v ABI'S aixiov, ovrmg
6 EN xadvog mweog EAecady 1t tov A4 xwvov orspsdv.

Aéyo 81, 8vi 000¢ doviv dg 6 ABI'A xvxiog
7edg vov EZH® xvxdov, ottwg 6 AA xivog medg
petfdv v tov EN xadvov orepeov.

E¢ yag dvvardv, éotm meog psltov to 5 dvdmaiw
doa otlv og 6 EZH® xvxhog meog 1ov ABI'A xv-
xdov, oUtwg 0 E Orsgeov mpog Tov A.A xdvov. dAd’
g 10 5 61ee0v woog tov AA widvov, oltwg 6 EN
x@vog meog EAaGGov T ToU AA xdvov GTEQREGV” xal
og dga 0 EZH® xvxlog meds 1ov ABIA wixdov,
ottag 6 EN xdvos meog élacoov v tov A.A xdvov
otepeov” Ome advvatov siydn. ovx dpe fotiv g
0 ABI'A xvndog medg tov EZHO uixiov, ovrwg 6
Ad xovog meds wpeitdy v rov EN xavov oregedy.
&elydn 04, OvL 0U0t medg flaceov Eovww dga ag O
ABIL'A xbxhog meds vov EZH® xvxdov, ovrwmg 6
AA xédvog meog vov EN undvoy.

ALY &g 6 xdvog mEos TOV mdvov, & xUAtwdgog
Meog TOV nvVAwdgov' Tumdaclov yog fxdrsog Exc-
régov. xal og dga 6 ABI'A xinlog meog tov EZHO
xOxhov, oltwg of én’ avrov lootyels [roly xwvoig)
xvlvdgor.

1. favee P, 4. dotiv] om. V. 6. 008¢ domv oig) 098’

6 V, 008" dg 6 m. 2; 093t og ot q. 13. avxdov] om. B.
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pyramide in eo comprehensa. itaque etiam solidum
& maius est pyramide in cono EN comprehensa [V,
14]. uerum idem minus est; quod absurdum est.
itaque non est ut 4BI'4: EZH®, ita conus 44 ad
solidum minus cono EN. iam similiter demonstrabi-
mus, ne EN quidem conum ad solidum minus cono
AA eam rationem habere quam EZH®: ABI'A.

Tam dico, ne ad maius quidem cono EN solidum
conum A4 eam rationem habere quam

ABI'4:EZHG.

Nam si fieri potest, habeat ad maius 5. itaque e
contrario erit EZH® : ABI'd = [5: A4 [V, T coroll.].
uerum ut 5: 44, ita conus EN ad solidum minus
cono AA [prop. Il lemma]. quare etiam ut EZH®
: ABI'4, ita conus EN ad solidum minus cono 445
quod fieri non posse demonstrauimus. itaque non est
ut ABI'4: EZH®, ita conus A4 ad solidum maius
cono EN. demonstrauimus autem, eum ne ad minus
quidem illam habere rationem. itaque

ABI'Ad: EZH® = AA4: EN,

sed ut conus ad conum, ita eylindrus ad cylindrum;
nam uterque utroque triplo maior est [prop. X]. itaque
etiam ut 4BI'd: EZH®, ita cylindri in iis con-
structi, qui eandem altitudinem habent.?)

1) Uerba 7ois xawoig lin. 28 uereor ne antiqua glossa sit;
neque enim hic de eo agitur, ut cylindri eandem altitudinem
habeant quam coni, sed ut demounstremus, cylindros leovyeis
eam rationem habere quam bases.

14. ¢i1’ — 16. xdvoy] mg. m. 1 P.  19. oziv] om. V.,
ég] om. q.  21. m]om.q.  xdwov] om. V. = 25, dil¢ P,
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Of dpa Dmd 1O avtd Vyog Ovres xwwvor xel xv-
Awdgor medg dAdidovg eloly ag af Paoeig dmep &8s
detta.

f.

Ol Suoior xdvor xal xvAtvdpor meds aAdr-
Aovg év Toimdacliov: Aoy &l6l tdv év ralg fa-
GeoL JLopéroaw.

"EGtméay duotor xovor xal xvlwdgor, v Phesig
utv of ABI'd, EZH® xvxioi, diausroor 0% 16v Ba-
gewv of BA, ZO, &toveg 0t towv xoveov xal xviiv-
doov of KA, MN* AMyw, Ste 6 xdvog, ov Phaig pév
[éoriv] 6 ABI'A xvxdog, xopupy 0% 76 A enusiov,
7eog TOV xBvov, ov Pdoig wév [éoviv] 6 EZHO xv-
xhog, xogupy 0% o N enquciov, toimiadiova Adyov
&ye fimep 7 B4 mdg vy Z6.

E¢ yoo uy) &gt 6 ABI'AA xévog medg 10v EZHON
x@vov vouwAaclove Adyov 1timeg 7 BA meog viv. 2O,
iter 6 ABI'AA xévog 4 npdg EAadadv v voo EZHON
XBVOV OTEQEOY mmlamfova i.dyo'u 7 wQog weltov. éxe’tm
wodregov mpds EAaceov o 5 , xal ppeyodpda &ls Tov
EZHG xvxiov vevpayavoy 10 EZHO" 16 dpe EZHO
rergayavoy usitéy ot 4 v fjuev tov EZHO xv-
xhov. xel dveordrw énl tot EZHE terpeywvov mv-
oapls Ty adviy xogugny Epovex TG xwve" 1 Epa
avaoradsica mvgauls pellov fotly 14 16 fuov udgog

2. Gmeg £0s dsifar]:~V. b, wal) uel of q. 6. sloly

'PB. Paceory P 8. Paoig q. 10. of of BYV. dé]

om. q. sal] % BVg 12 §ou1g om. B 13. éoriy
om. BVq. me £y01 B. 17 tpmlnuuov P,
ostea corr, m. 1. ost loyw ras. 3 litt. V. 20. wedg

lacsov medzeeov BV q. 22. xdnlov — 28, EZHO] mg. m.
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Ergo coni et cylindri, qui eandem habent altitudi-
nem, eam inter se rationem habent quam bases; quod
erat demonstrandum.

XII.

Similes coni et cylindri inter se triplicatam ratio-
nem habent quam diametri basium.

Sint similes coni et cylindri, quorum bases sint
circuli 4BI'4, EZH®, diametri autem basium B4,
Z0©, axes autem conorum et cylindrorum K4, MN.
dico, conum, cuius basis sit circulus 4BI'4, uertex
autem 4 punctum, ad conum, cuius basis sit circulus
EZH®, uertex autem N punctum, triplicatam ratio-
nem habere quam BA:Z6@.

nam si non est ABI'44: EZHON = BA43:Z68,
conus ABI'4A4 aut ad solidum aliquod minus cono
EZHON triplicatam rationem habebit aut ad maius.

prius habeat ad minus
%, et in circulo EZH®
inscribatur quadratum
EZH® [1V, 6]. itaque
z quadratum EZ HO® ma-
ins est dimidio circuli
EZHG [p. 142, 11]. et
in quadrato EZ H® py-
ramis construatur eun-
dem . uerticem habens,
quem conus. itaque pyramis constructa maior erit

XII. Psellus p. 66.

1P 23. énl] amé V. 24, T adTiy nogueny fyovee]
lgovyrjs Theon (BVq).

-
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T0U xwvov. teTunedmeay 0y of EZ, ZH, HO®, OE
nweQupépeiar Olye xore te O, II, P, X anucic, xal
énstevyPwoay of EO, OZ, ZI1, ITH, HP, PO, O X,
ZE. aal &xeovov &Gga tov EOZ, ZITH, HPO,
5 OZE roipdvev pslfov et 1 1o fui6v pégog Tov
%08’ favrd Tuijparos tov EZ HO xvxdov. xol dvesrdre
ép’ éxdorov tov EOZ, ZIIH, HPO, O@XE toiyaveov
mvgauls v avTny xoguerny Epovow TG XV xal
éndory Goa taY avasradsony wvgauldov pelfov oty
10 7 70 fjutev pépog Tov xad fxvriy TwpaTOs TOV XWVOU.
téuvovreg 01 tog vmoAaimwoudvag megupepeiag Olya xal
émievyvivreg evdelag nal avigroves ép’ éxdaTov TaV
Touywvay mvgauldes v vty xogueny &Lovdeg
10 x0ve xal Tovro del molovwreg xaTalelYousy Tve
16 ¢morurjuare Tov xwvov, & E6res fAdoGove Tig VmEQ-
oxfig, 1 Omepéyer o EZHON xivog vod 5 6repeov.
Aedelpdw, xal Eotw to énl tov EO, OZ, ZI11, ITH,
HP, PO, @, ZE' Aoy Goa 1 mvoauis, 7s Pdeig
uév dote vdo EOZITHPOZ molvywvov, xopuer 0% 70
20 N onusiov, upslfov datl toi 5 oregeov. Epyeppagpdo
xel elg vov ABI'A xvxdov v EOZITHPOZX molv-
yave Spotdy Te xal Opolmg xslpsvov moAvymvov To
ATBTI'®AX, xol aveorarw énl tov ATBYT®PAX
nolvyavov mvgauls v aviyy xopueny Eyovee TeH
2 xadve, xel Tdv ulv wegusgdvrev Ty mveaulda, g
Baoig pév éort 160 ATBYT ®AX molvymvov, xoguey
0t ©0 A onueiov, ¥v zolywvov &otw to ABT, tdv
0% megusydvrov Ty mueeuide, %g Pdeig by ot To

2.td) 26 V. 4 HPO]HE®q. T1.dy’V. EOZ] O
in ras. m. 2 B, E®Z q. 8. £zovoa) y in ras. B. 9. pel-
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dimidio coni [p. 192, 12]. iam arcus EZ, ZH, H®,
@E in punctis O, II, P, X in duas partes aequales
secentur, et ducantur EO, OZ, ZII, ITH, HP, PO,
@X, XE. itaque etiam singuli trianguli EOZ,
ZITH, HP®, @ZE maiores sunt dimidio segmentorum
circuli EZH® ad eos pertinentium [p. 142, 22]. et .
in singulis triangulis EQZ, ZIIH, HP®G, 6ZE
pyramis construatur eundem uerticem habens, quem
conus. itaque etiam singulae pyramides constructae
maiores sunt dimidio segmentorum coni ad eas perti-
nentium [p. 194, 11]. iam si arcus reliquos in duas
partes aequales secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eundem
uerticem habentes, quem conus, et hoc semper fece-
rimus, frusta quaedam coni relinquemus, quae minora
erunt excessu, quo conus EZH® N solidum 5 excedit.
relinquantur et sint ea, quae in EO, OZ, ZII, ITH,
HP, PO, 60X, ZE posita sunt. itaque quae relin-
guitur pyramis, cuius basis est EOZITHP®ZX poly-
gonum, uertex autem punctum N, maior est solido 5.
iam etiam in circulum 4 BI'4 polygono EOQZIIHPOX
simile et similiter positum polygonum A4 TBYI'®AX
inseribatur [VI, 18], et in polygono A TBTI'®P4X
pyramis construatur eundem uerticem habens, quem
conus, et ex triangulis comprehendentibus pyramidem,
cuius basis est polygonum ATBYI'PAX, uertex
autem 4 punctum, unus sit 4BT, ex iis autem, qui
pyramidem comprehendunt, cuius basis est polygonum

Zwv] in ras. B. 10. péeos] om. V. 17. silipda q.
18. 2] om. q.  20. peifoy q.  23. ém{ — 24. molvydivov]
dx’ avtod Theon (BVq). 27. ATB P. 28. wijv] om. V.
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EOZITHP®ZX molvywvov, xogupy 0t t6 N enuslov,
8v rolyovov f6tw 10 NZO, xol éncfevydocay af KT,
MO. xoal dwel Opowdg dovw 0 ABILAA xdvog te
EZHON xdve, éotw Goo ds 9 Bd meog tiv 20,
ovrog ( KA &Ewv meog vov MN dfova. g 0F 7
B4 mgog iy 2O, obrog ) BK meog iy ZM: xal
o doa 77 BK meog vy ZM, ottwg 9 KA mede vy
MN. =xoal évardat o 7 BK moog v KA, otrwg
7 ZM mpog iy MN. xal mepl loag yoviag: tag Umwd
BKA, ZMN of whevoal avdioyov elow: Suoiov dga
éotl 10 BKA tplyavov 1 ZMN touydve. mdiw,
émel dotiv wg 7 BK meog vy KT, otrwg 7 ZM mgdg
iy MO, xal megl l6og yoviag vag vmo BKT, ZMO,
émedrimeg, 0 pépog éorly ) vmd BK T ywvie vdv meog
16 K xévrop teddogmy S9ddv, to avrd pégog dorl
xel 7 Um0 ZMO povie tév weds v M xévrop teo-
odpwv Spddy° émsl odv megl ldug yovieg af misvoel
dvddoyoév eloww, Cporov &pa éotl 10 BKT volyovov
té ZMO touyove. miiw, xsl &0siydn dg § BK
meog v KA, obrwg 71 ZM mgog tqv MN, len O}
f wtv BK ©fj KT, 5 0¢ ZM vjj OM, &rww dpa og
n TK mols wiy KA, otrwg ) OM mgog tyw MN.
xel mepl loag yovlng tag vmd TKA, OMN- jodal
ydo® ol mAsvgal dvdloydy slow’ Guoov deo éotl TO
AKT zolyovov vs NMO touydve. xol émel i
1:7')1) 6,&0&61:1)10: toy AKB, NMZ 'rpnymvaw dotly ag
n AB argog rm/ BK, ottwg % NZ mgos v ZM,
dia 0} vy Spodtyre tév BKT, ZMO touycvay

1. EOZIIHPOZX q. .NOZ P, 3. ABI'ad B, et
V, corr. m. 2. 4. EZH@B et V, corr. m. 2 (ZH in ra.s)
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EOZITHP®Z, uertex autem N punctum, unus sit
NZO, et ducanter KT, MO. et quoniam conus
ABIL'AdA cono EZH®N similis est, erit B4 :ZO
= KA : MN [XI def. 24]. uerum B4:Z6® = BK:ZM,;
quare etiam BK:ZM = KA4:MN. et permutando
(V, 16] BK: KA =ZM: MN. et circum angulos
aequales BKA, Z MN latera proportionalia sunt. itaque
BKA ~ ZMN [VI, 6]. rursus quoniam BK: KT
= Z M : MO, et angulos aequales BKT, ZMO com-
prehendunt (quoniam quae pars est [ BKT quattuor
rectorum ad centrum K positorum, eadem®) pars est
L Z MO quattuor rectorum ad centrum M positorum),
erit BKT~ ZMO. rursus quoniam demonstranimus
BK:KA=ZM:MN, ¢t BK=KT, ZM = 0OM,
erit TK : KA = OM: MN. et latera aequales angulos
TK.A, OMN (recti enim sunt) comprehendentia pro-
portionalia sunt. itaque /KT~ NMO [VI, 6). et
quoniam propter similitudinem triangulorum 4KB,
NMZ est AB:BK=NZ:ZM, et propter simili-
tudinem BKT, ZMO triangulorum KB: BT = MZ

1) Nam polygona similia sunt et latera eornm numero
aequalia. Deletis uerbis weidijmee lin. 14 — yowlag lin. 17
molestam anacoluthiam euitabimus et solitam orationis formam
efficiemus; nec sane iis opus est.

7. viy ZM] ZM V. 9. MN] corr. ex NM m. 1 P.
11. #oxl] om. V. ZMN] Z corr. ex B m. rec. P.
12. v KT] KT_V. 18. MO] O in ras. m. 2 B,  15. 7s0-
ocgwv] corr. ex § mg. m. 1 P, 16, ZMO] O in ras. m.
2 B. = 17, imel — yovleg] om. q; mg. m, 2 B. 18. ot/
om. V. 20, mjy K4) K4 B. 21. BK] K e corr. V.
KT} TKP. MOB. 22 %] (prius) om. P. 24, eloww]
om. V. doz{jom. V. 27. mj»] om. BY. =zv] om. BVq,

Euclides, edd. Heiberg et Menge. IV. 14
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éorlv &g 7 KB mgds v BT, otrwg § MZ modg
mpy 20, 8. leov dpo g 4 AB meds Ty BT, olrwg
% NZ mgdg vy Z0. mdiw, énmel dix vy opoidTyre
tov ATK, NOM ropdivor éotlv og % AT meog
v TK, otrwg ) NO molg wv” OM, & 8¢ v
ouotéryre rév TKB, OMZ touydvev éotlv og q
KT =gdg vy TB, obrwg 1 MO mpdg iy OZ, o7
teov doax wg § AT medg 1y TB, ofrwg 1 NO mog
v OZ. 8&0elydn 8% xol og 7 TB mpdg tyv B A,
oftwg 9 OZ medg tqv ZN. 8. ioov édga mg ) TA
nedg Ty AB, oltwg 7 ON =medg iy NZ. rov
ATB, NOZ dge toipavay avdioydv elew al misvoals
looyadvia &pa éotl vo ATB, NOZ tolyove' dore xal
Opowe.  xal mvauls Fga, 7g Pdeig piv 6o BKT tol-
yavov, xogupy 0% vd A enusiov, dpola ot wvouuld,
ng Bdeig udv 16 ZMO tolyovov, xogupy 0 1o N
onuelov' vmo yap Opolwv mnédwv meouégovtar lGov
©0 wAijdog. af 0% Opoter mugauides xal Touyavoug
&poveor fdocg v toumdedlove Adye slel tdv Opo-
Abyov mAesvodv. 1% &ga BKTA mvgepls meds tiv
ZMON mvgauide toumdaclove Adyov Eysu fimsp 7
BK mds v ZM. ouoimg 07 émievyvivreg anod rov
A, X, 4, ®, ', T énl ©0 K ed®slag nel dnd raov
E, =, ® P, H, IT éml ©0 M xal dviordvreg ép’
éxdorov T@Y TQLYwVEY mueauldas Ty avTiy X0QUENY

#povoas vols xdvorg dslEouev, 8ri xal éxdory rov

opotaydy mugauldov mwedg ExdeTyy duorays mveeulde
rouwdadiove Adyov Ee fimep 1) BK 6udioyog misvos

1. oip] om. V. 2 wmw ZO) 2O BVq. 3. MZ B, et
V, sed corr. émsl} om, P. 4. ATK] T supram. 1 V.
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:ZO [VI def. 1], ex aequo erit AB: BT = NZ:Z0
[V, 22]. rursus quoniam propter similitudinem triangn-
lorum ATK, NOM est AT:TK=NO:0M, et
propter similitudinem TKB, OMZ triangulorum KT
:TB=MQ:0Z,exaequoerit AT: TB=NO:0Z,
demonstrauimus autem, esse etiam TB: BA4=O0Z:ZN.
ex aequo igitur erit TA: AB=ON:NZ. itaque
triangulorum 4TB, NOZ latera proportionalia sunt.
quare aequianguli sunt trianguli 4TB, NOZ [V], 5].
itaque iidem similes sunt [VI def. 1]. itaque etiam
pyramis, cuius basis est triangulus BK T, uertex autem
4 punctum, similis est pyramidi, cuius basis est
triangulus Z MO, uertex autem N punctum; nam pla-
nis similibus comprehenduntur numero aequalibus [XI
def. 9]. similes autem pyramides, quae triangulas
habent bases, in triplicata sunt ratione laterum cor-
respondentium [prop. VIII]. itaque erit
BKTA:ZMON = BK3 : ZM3,

iam ductis rectis ab 4, X, o, @, I, P ad K et ab
E, Z, & P H, IT ad M et in singulis triangulis
erectis pyramidibus eosdem uertices habentibus, quos
coni, similiter demonstrabimus, etiam singulas pyra-
mides eiusdem ordinis ad singulas pyramides eiusdem
ordinis eam rationem habere quam BK3:ZM3, h. e.

6. OMZ] Z corr. ex N m. rec. P, 7. KT] X in ras. m.
2 B. 8AT}mrasVAcorrexAm2B 9. oy BA) BA
V. 10. zgv] om. Vq. 12. ATB] litt. 4 non liquet in

14, aoc;] alt. « e corr. V. pév done Bq. 19, ﬁcumg é’;ovam
q. olv PB.  23. 4] postea ins. m. 1 P. 24. g Exa-
6zov] éx{ Theon (BVq) 25. tag oviag xopvpdas Theon
BVq). 28. dudloyoy mlzveay P, corr. m. 1.

14%
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mwpdg Ty ZM oudAoyov mAsvgdv, vovréctw 7mep 7
B4 nmgog vvv ZO. xal ag &v tav fyovuévay mweog
Y thv émoudvav, ovtmg Gmavta T nyovusve medg
dnoavre ve éndusve: &6t dga xal og 7 BKTA mv-
papls mpdg vy ZMON mvpoulda, otrag % Sin mv-
oauls, 1g pdaig 16 ATBYI'® X modbyavov, xopuei
0t 70 A enusiov, meog Ty SAny mugaulda, g Pdeig
piv 10 EOZIIHP®ZX moivymvov, xogupy 0% ©6 N
onusiov: date xal mupouls, 1g foeig utv 1o ATBYTDAX,
xoguey 0% ©0 A, mpds v mveaulda, Ng fdoig [uiv]
70 EOZIIHPOZX nolbywvov, xopupy 0% ©0 N on-
ueiov, toimdaclova Adyov &ye ijmep % BA mdg tHy
ZO. Dmlxeiron O wel 6 mavog, ov Paeis [udv] 6
ABI'4 xvxdog, xopvepn 0t 10 A enusiov, mwotg 10 5
6repedy TouwAaclove Adyov Eyev imee 1 BA modg
v 2O Etwv dpe dg 6 xdvog, ov Pieig ufy domw
0 ABI'd wvxdog, xogupyn 0t ©0 A, meds ©o [F ore-
e&dv, olrmg 1) mveauls, 1g fdeig ptv 10 ATBTYTI®AX
[moAvymvov], xoguey 8} 6 A, mpds Ty mveaulda,
ng Bdeig uéy dovi vo EOZITHPOZX moivymvov, xo-
oven 0 ol N' fvaddek How, dg 6 ndvog, o¥ Pdoig
pdv 6 ABI'A xivxhog, xoguen 0% ©0 A, meos v v
atni mvgaulde, fg Bdeis utv 10 ATBYT®AX mo-
Moyavov, xogupy 0% 10 A, ottwg o0 E [orege0v] moog
o mugaulde, g Pdeig uév éovi v60 EOZITHPOZX
woAvyovov, xoguey 0t to N. pelfov 0t & slonuévog
xdvog i v alrd mugauldos dumeiéys poo avriy.
uelov &oe xal ©0 & etepsdv vijg mvgauldog, g Piaig

2. zijv] om. Bq.  xaf] d2l’ BVgq. 4. o’z'gu]vd‘s' v. -
8. pév éovt Ba. 10. 4 onueioy V. wjv] om. V, pév]
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BA%: Z6% et ut unum praecedentium ad unum se-
quentium, ita omnia praecedentia ad omnia sequentia
[V, 12]. est igitur ut BKTA: ZMON, ita tota py-
ramis, cuius basis est polygonum ATBTI'®dAX,
uertex autem A punctum, ad totam pyramidem, cuius
basis est polygonum EOZITHPOZX, uertex autem N
punctum. quare etiam pyramis, cuius basis est
ATBTI'® A4X, uertex autem A, ad pyramidem, cuius
basis est polygonum EQOZIIHP®ZX, uertex autem N
punctum, eam rationem habet quam B43: Z6% sup-
posuimus autem, etiam conum, cuius basis sit circulus
ABI'A4, uertex autem 4 punctum, ad 5 solidum eam
rationem habere quam BA43®: Z63. itaque ut conus,
cuius basis est 4 B I'A circulus, uertex autem A, ad
/5 solidum, ita pyramis, cuius basis est A TBTI®AX,
uertex autem’ 4, ad pyramidem, cuius basis est
EOZITHPBZX polygonum, uertex autem N. permu-
tando igitur [V, 16], ut conus, cuius basis est 4BI'4
circulus, uertex autem 4, ad pyramidem suam, cuius
basis est polygonum 4 TBYI'®PAX, uertex autem A,
ita & ad pyramidem, cuius basis est polygonum
EOZITHP®Z, uertex autem IV, uerum conus, quem
diximus, maior est pyramide sua; nam eam continet,

itaque etiam 5 solidum maius est pyramide, cuius

om. P. 11. Litt. ITH e corr. V. onueiov — 21, ©o N]
ng m. 2 B. 13. y,sv] om. P, 14 onpeiov] om. Bq

15. fyov] o in ras. P, &yov !;tw] om. V.

17. 4 onueiov V. 19. nolvywvar] om P. 22. pév fomiy
Bq. 4 onpeiov V. 23, mveapldos V. 24. oregeov] m.
rec. P. 28. 5] Z q?
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uév éote 0 EOZI1H PO X nolvywvoy, xoguey 0% 1o
N. aide xel EAervov: Omep doriv ddvvarov. odx &owo
6 xdvog, ov Pdaig 6 ABI'A xixkog, xoguey 0 =l
A [enusetov], meds EAatrév 7 Tov xdwov ersgedy, ov

b Baoig ptv 6 EZHO xixdog, xopuey 0% 0 N anusiov,
touwdaclove Adyov &ysu timsg 1) BA mpdg vy ZO.
opolmg 07 delbousv, dve 000t 6 EZH®O N xivog medg
&letrév 1t Tov ABI'AA xdvov drepedv touwiasiove
Adyov Eye. fimep m ZO mpdg iy Bd.

10 Aéyw 01), Gtr 000 6 ABI'AA novog medg weitov
7t o0 EZ HO N xavov 6repedv toindaclove Adyov Exet
fimsp v B4 mpog v Z6.

El yeo Odvwardy, éyérm medg ueltov ro E. dva-
medw Goe vo B oregeov modg wov ABIAA udvov

16 rouwdaelove Adyov Eysu Yimeg 7 ZO medg v BA.
og 0% 70 E erspeov mpdg tov ABI'dA xdvov, otrmg
0 EZHON xavog moog &errdv 1u vod ABIAA xa-
vov otegedy. xal 6 EZHBON é&pa xdvog meog FAar-
T6v 1 100 ABI'A4A xédvov eregsdv rouwdaciova Ad-

20 yov &yae 1mee 1) ZO medg iy BA' Smep advvarov
&elydn. ovx dex 6 ABI'AA xdvog mpds usllov v
100 EZH®N xdvov 6repedv touwdaclove Adyov Eyse
fimep ) BA mpdg v Z8. &0sly®n 04, 8ti 000t melg
#latrov. 6 ABI'AA dga xovog meds tov EZHON

25 xdvov toindadlove Adyov Eyet Timeo ) BA medg Ty Z6.

Qg 0% 6 x@dvog wedg TOV xBVOV, 6 AVAwdgog mEdS
Tov xVAwdgov' toimAdeiog yap 6 xVAwdgog ToU xe-
vov O énl Tig avriig Pudswg v xWVE xel leotmg

1. oty P. Z) ins. m. 1 P, 2. dldtrov B. omeo *
gromov V. 8. faog uév éoriv 6 Theon (BVq). 4. onueiov]
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basis est polygonum EOZITHP®ZX, uertex autem N.
uerum idem minus est; quod fieri non potest. itaque
conus, cuius basis est circulus 4BI'4, uertex autem
A4, ad solidum minus cono, cuius basis est circulus
EZH®, uertex autem N punctum, eam rationem non
habet quam B4%:Z@3 iam similiter demonstrabi-
mus, ne EZH®N quidem conum ad solidum minus
cono ABI'4A4 eam rationem habere quam Z@®3: B45,

iam dico, conum ABI'JA ne ad maius quidem
cono EZH®N solidum eam rationem habere quam
B4%: 7683

nam si fieri potest, habeat ad maius 5. e con-
trario igitur [V, 7 coroll] &: ABI'dAd = Z6*;: B4°.
vernm ut £ solidum ad conum 4BI'4A4, ita conus
EZH®N ad solidum minus cono 4BI'44 [prop. 11
lemma]. itaque etiam conus EZH®N ad solidum
minus cono 4BI'4A4 eam rationem habet quam Z@®3
: B43%; quod fieri non posse demonstrauimus. itaque
conus ABI'd A ad solidum maius cono EZH@N eam
rationem non habet quam BA%:Z@®3 demonstraui-
mus autem, eum ne ad minus quidem hanc rationem
habere. ergo 4BI'dA:EZHON = BA4®: Z@®°%

sed ut conus ad conum, ita cylindrus ad cylindrum;
nam cylindrus, qui in eadem basi et sub eadem alti-
tudine est ac conus, triplo maior est cono [prop. X].

om. P.  flesséoy BV. 5 EZHO] HO in ras. m. 2 B,

7. 6t 093] bis P, corr. m. 1. 8. flageéy BVq. 9. %] ins. V.
10. &) om. B. 043’ V. 16. ABI'd q, et B, corr. m. 2.
ovtmg nalq. obrog — 17, xdvog) mg. m. 2 B. 17. #lacody

BVq. ABI'dB. 18, xal 6 — 19. oreeedy] mg. m. 2 V.
18, flaogéy BVq. 19. ABT'4 q. rteiwlaoiov V. 22, ore-
¢26v] supra V. 24, flacgor BV, 0 doo ABIAA V.

27. teimldaiog — 216, 1. adr] om. q, mg. m. 2 B.
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avré. xel 6 xUAwdgog oo meog TOV xVAwdgov ToL-
mAaclove Adyov &yst fimep v BA medg v ZO.

Of dga Buoror xdvor xel xVAiwdgor meog aAlrlovg
év toumiaclove Adyp elol tdv év zalg fadeor dvopé-
rpoov* Omep £0s dsibac.

'

Eav xVAwdgog émmédo tundi wepailijie
Ovte tolg amevavriov émimédog, é6Tar mg o
xVAvdgog medg TOV xVAvdgov, ovTwmg 6 dEwv
weos TOV &'E,o'ua'

Kvlw&pog yap 6 Ad émnédp vg HO rermicdw
nwepadifdeo Svre Toig om:waw(ov émﬂ:é&ozg rols AB,
I'4, xal cvuPordéreo vd &Eove 6 HO Zmimedov uara‘c
0 K o‘mwi’ow Aéyw, Ove dotlv dg¢ 6 BH mfvlwt?gog
wedg tov HA xviwdgov, ov'mg 6 EK &Ewv modg Tov
KZ é&tove.

"Exfepriodeo yoo 6 EZ dkov dp’ éxdreon te péoy
énl va A, M onusie, xal éxxeloBocey v EK &Eove
l60c 66oLdnmoroty of EN, NA, v ¢ ZK leoc bgos-
dnmoroty of Z5, EM, xol voelodw 6 éml o0 AM
&Eovog udAwdgog 6 OX, o Pdoeg of OII, X x¥-
xhot. ol uPsPiicfe die vov N, E enuslov éml-
weda mapaAinle votg AB, I'd xol taiz Pdec6r rov
OX xvilvdgov xal moislrwoay rovg PE, TT xvxdovg
nwepl te N, [E wévrga. xol émel of AN, NE, EK

1. Post ot add. Theon: £3elydy yee (supra V) mds (haec
trm. uocab. et m textu et mg. m. 2 B) xdwvog aviivdgov Tolroy
p,sgog T0d Y avty PBdow zovtog avTd nal mpog teov (BV q).

om. P. 4. 2leiv PB. ﬁaasch 5. Omeg £851 dzifo]
om 6. t7'] om. q. 13. ovpfoléra P, 6] 16 EZ
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itaque etiam cylindrus ad cylindrum eam rationem
habet quam BA®: Z@®°3,

Ergo similes coni et cylindri triplicatam inter se
rationem habent quam diametri basium; quod erat
demonstrandum.

XIII.

Si cylindrus plano planis oppositis parallelo se-
catur, erit ut cylindrus ad cylindrum, ita axis ad axem,
Nam cylindrus 44 plano H® planis oppositis
AB, I'4 parallelo secetur, et planum H® cum axe in
puncto K concurrat. dico, esse
BH:HA =EK:KZ.
producatur enim axis EZ ad utramque partem ad
puncta 4, M, et ponantur axi EK aequales quotlibet
rectae EN, N4, axi

A_W\ autem ZK aequales
N 7 \E‘/\ X 5 % | = Tﬂ; quotlibet rectas ZJf,
S —F & 4 T X &AM, et OX fingatur

0

cylindrus in axe 4M,
cuius bases sunt circuli OII, ®X. et per puncta
N, [E plana planis 4B, I'4 et basibus cylindri OX
parallela ducantur et circulos PX, TT circum centra
N, & efficiant. et quoniam axes 4N, NE, EK inter

Theon (BVq). t6 H® énimedov] om. Theon (BVq).

18. zelofwoay q.  20. xal — 21. xdxilor] om. Theon (BVq).
22, éxPefiiodm] dujzdeo Theon (BVq). N, E) 4, N,

&, M Theon (BVq). 23. taic fdosor — 25. xévrge] vevon-

oPooay v oy dix tav A, N, B, M émnidog megl névion

e A, N, 8, M, xdndot of OIl, P, TT, ®X loot toisc AB, T'd.

xel vevorjefwoay xvlivdeor of IIP, PB, 4T, TX Theon (BVq).
28. paceary P,  26. ol AN] mg. m, 1 V.



10

15

20

25

218 - ZTOIXEIQN :f’.

&Eoveg loov elolv dAdndowg, of doa IIP, PB, BH xv-
Awdgor medg ailijiovs slolv g of Pdoeg. loar 0%
gleww af Pacesigs loov dga xel of ITP, PB, BH xv-
Awdgos dAifrowg. émsl ovv of AN, NE, EK é&koveg
loos elolv addfhoig, elol 0% xal of IIP, PB, BH xv-
Awdgor l6oc @dirjhowg, xal éorv leov ©o mAidog T
nwhijde, doamdadlov &oa 6 KA &twv tov EK dEovog,
rosavtaniaciov Eorar xal 6 ITH xvlwdgog tot HB
xvilvdgov. Oie te avre O xel o6emiadiov fotiv 6
MK ékov tov KZ d&fovog, todavraniasiov éotl xal
6 XH x¥dwdgog tov HA wnvilvdgov. xal & piv l6og
éotlv 6 KA &kwv v KM é&kow, leog Eorar xal 6
IIH xbiwdgos ¢ HX wvilvdep, & 0 pelfov 6
GEwv Tov &Eovog, pelfov xal 6 xvAwdgog ToU xv-
Alvdgov, xol & éAaocwv, éAdcomy. vecodgmY 01 we-
yeddy Sviov, akdveov udv v EK, KZ, xwilvdpov
0 tév BH, HA, sidnmron (odxig moldamwAdeia, Tov
utv EK dkovog xel tov BH xvilvdpov & 16 4K
GEov xel 6 ITH wvAwdgog, tov 0% KZ itovog xal
t00 HA xvilvdgov 6 16 KM dfov xal o HX avdw-
0gog, xal 080suxtan, Ove & Vmegéyer 6 KA dfwv vod
KM &tovog, vmepéyse xal 6 ITH dlwdgog vov HX
xvdlvdgov, xal & l6og, idog, xel & éAdocmv, éAdeown.
forwv doa og 6 EK dEwv mplg vov KZ &fove, odrmg
0 BH xVAwdgog meog tov HA xvdwdgov: Gmep &der
dcitou.
10",

Ol énl icwv Pdosov Ovres xdvor xal xU-

Aivdoor medg aldfiovg elely dg Ta Dy,

1. of &pa] nal of P. 4. allnlowg] om. V. ovv] ody
wal P. b, eloty] om. V.  glol] elatv B. 6. nmlijPog v
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se aequales sunt, cylindri ITP, PB, BH eam inter se
rationem habent quam bases [prop. XI]. uerum bases
inter se aequales sunt; quare etiam I7P= PB = BH.
iam quoniam axes AN, NE, EK inter se aequales
sunt, et etiam cylindri TP, PB, B H inter se aequales,
et multitudo multitudini aequalis est, quoties multiplex
est axis KA axis EK, toties erit etiam cylindrus
IIH cylindri HB multiplex. eadem de causa quoties
axis MK multiplex est axis K Z, toties etiam cylindrus
X H multiplex est cylindri H4. et si KA = KM,
“erit etiam ITH = HX, sin axis axe maior est, etiam
cylindrus cylindro maior est, sin minor est, minor.
iam datis quattuor magnitudinibus, axibus EK, KZ
et cylindris BH, HA, aeque multiplicia sumpta sunt,
axis EK et BH cylindri axis 4K et cylindrus ITH,
axis autem KZ et H4 cylindri axis KM et cylindrus
HX, et demonstranimus, si K4 > KM, esse etiam
ITH> HX, sin KA =KM, esse IIH= HX, sin
KA<KM, esse ITH< HX. itaque EK: KZ = BH
: H4a (V def. 5]; quod erat demonstrandum.

XI1V.

Coni et cylindri, qui aequales bases habent, eam
inter se rationem habent quam altitudines.

AN (4 e corr. m. 2 B), NE, EX ¢ nijds zév ITP, PB,
BH Theon (BVq). 7. &pa doriv Bq. KA} AK P
EK) KEP, 8 HB]BH Vq. 9. éotty] dotl nel q.

10. dorar V. 12. forar] dout V. - 14. KA &Eoy tov KM
&Eovos Theon (BVq). IIH uélwdgog 709 HX xvilvdpov
Theon (BVq). 15. Ante 87 del. yop m. 1 P. Svioy
peyedar V. 17. wollanxldasiog V. 20. 0 HX] 1 X q.

21, 4K P, 28. laog dotly, loog P.
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"Eotwcday pag énl lswv fdeewv tdv AB, I'd xv-
xdov xiwdgor of EB, ZA4* Adyw, 3w fetlv dg &
EB xviwdgog meos tov ZA wviwdoov, otrmg 6 HO
&kov mpog tov KA &kove. _

"Exfepiiodo yap 6 KA &kov éml to N enusiov,
xol xeledo v HO &GEove loog 6 AN, xal mepl &tove
vov AN xdlwdgog vevorfjedeo &6 I'M. émel ovv of
EB, I'M »diwdgor vmd 76 avwd vyog slelv, meos
@idjiovg elalv &g af Baasg. loww 8¢ slow of Pdoeg
allqAatg: looc dga elol xal of EB, I'M xviwdgor.
xol émel xvAwdgog 6 ZM émméde tévunror v I'd
nogallijio Gvre roly amevavilov émuwédois, EoTiv doa
og 6 I'M xvidwdgog mds tov ZA xviwdeov, obrag
0 AN atwv meds 1ov KA &kove. leog 0% éevwv 6
ptv I'M x0dwwdgog v¢9 EB xvilvdep, 6 08 AN &Ewv
g HO dkovi' fotww dga og 6 EB xviwdgog meog
ov ZAd xviwdgov, ovrawg 6 HO &twov medg vov KA
dkova. g 02 6 EB xUAwwdgog meog tov ZA xviw-
dgov, otrwg 6 ABH xdvog medg tov I'dK xdvov.
xal g doa 6 HO &kwv mpog vov KA abova, ovrag
0 ABH x@vog mgog 1ov I'dK xidvov xel 6 EB xv-
Awdgog meodg TOv ZA nbAwdgov' Omeo Ede detbac.

s’

Tov l6ov xdvov xal xvilvdpoy dvTimexdy-
Dadwv al fdoeig rolg DYsauyv' xal dv xdvov xel
#vAlvdgov avrinendvdaciy ol fdoeig Tolg Dpe-
o, l6o eloly éxslvo..

1. xvxlwy] om. Theon (BVq). 2. Zd, EB BVq (Z in
V supra scr. m. 1). 6. K4] K ins. m. 1 V., 4] corr. ex
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Nam cylindri EB, Z 4 aequales bases habeant cir-
cules 4B, I'4. dico, esse EB:Z4d = H®: KA.

axis enim KA ad N punctum producatur, et po-
natar AN = H®, et circum axem AN fingatar cy-
lindrus I'M. iam quoniam cylindri EB, I'M eandem
altitudinem habent, eam inter se rationem habent

E T%a
A B M

quam bases [prop. XI]. uerum bases inter se aequales
sunt, itaque etiam EB = I'M. et quoniam cylindrus
ZM plano I'4 planis oppositis parallelo sectus est,
erit [prop. XIII] I'M: Z4 = AN: KA. sed T'M=EB,
AN = H@®. itaque EB:Z4 = H®: KA uerum
EB:Z4= ABH:I'4K [prop. X]. ergo erit
H@: KA=ABH:I'dK = EB:Z4,;
quod erat demonstrandum.

XV.

Aequalium conorum et cylindrorum bases in con-
traria ratione sunt.atque altitudines; et quorum cono-
rum et cylindrorum bases in contraria ratione sunt
atque altitudines, ii aequales sunt.

zov P. 7. évvorjcde P. 8. &lol codd. 10. slofv PB.

EB] eras. V. wdliwdoor dllilog Bg. 11. émmédo
vl V. 19. Post xdvor add. Theon: Toimlooior yao ot #-
Awdoor iy xdvay (BVa). 26. Byeor q. nal — 26, Dye-
o] mg. m. 1 V.

o~
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"Egtwoay lgot xdvor xel xvAwdgoi, dv Pdoeg utv
of ABI'd, EZH® xvxiot, Owzpergor 0% adrdy af
AT, EH, dtoves 0% of KA, MN, oitwsg xal dyq
elol Tdv xdvov 7 xviivdeov, xal cvuneminodedweauy
of 4%, EO xviwdgo. Aéyw, 8ti 10v AE, EO xv-
Alvdowr avtimemdvdaeww af Pdesg toly Tysaw, wal
éotww &g 1§ ABI'A Pdeg meog vy EZHO fiow,
ottwg 10 MN Typog medg 76 KA trpos.

To yeo AK vog v¢ MN e fivor lsov Zoriv
7 od. &etw medrsgov loov. Eove OF wel & AK -
Awwdgog td EO xviivdop ldog. of 0% vmo 16 avrd
Uog Gvrsg xdvor xel xvAwdgor meos dAdfAovg eloly
og af pdeeig: lon doa xal § ABI'd fdoig vf) EZH®
poeer. dore xal avnimémovdev, wg 1) ABI'A fdeg
npds yy EZH® Pdow, olrwg 10 MN tyog medg 7o
K4 vypog. alde 0y uy éorew ©o0 AK tipog 16 MN
leov, ail’ &otw peifov ©o MN, xol dopefede dmd
o0 MN vUpovg ©¢ KA loov vd IIN, xal dix tov IT
onusiov teruedo 6 EO xviwdgos émnédp to TTE
negaliiip volg tdv EZH®, PO wixiov émimédois,
xol dmd Pacemg udv tov EZHG® wvxdov, Dyovg 0}
tov NII xvdwdgog vevoredm 6 EX. xal émel igog
dorly 6 A% wdwdeog g EO xviivdom, &t dga
g 0 AE wviwdgog medg tov EX xviwdoov, ovrmg
0 EO xbAwdgog modg tov EX xvlwdgov. ddl dg
utv 6 A5 xdwdgog meds tov EX nviwdgov, ovrmg

”

1. feois q. 8. d4] om. q. 19017] corr. ex oyer V.

4. wal — 5. wdliwdeor] punctis del. V. 6. dysor Vq.

#al] tovtéoriw 6t Theon (BVq). 7. feaig] corr. ex
foogig m. 1 P. 8. 4K Bq. 9. K4 P. 10. foriv P.
11. 9md) corr. ex dwé m. rec. P. 16. K4] 4K B; supra
eras, ” "V, wi) supra ser. m. 1 V., AK] KA P,
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Sint aequales coni et ¢ylindri, quorum bases sint
circuli 4BI'd, EZH®, diametri antem eorum AT,
EH, axes autem K4, MN, qui iidem altitudines sunt
conorum uel cylindrorum, et expleantur cylindri 4 %, EO.
dico, cylindrorum 4 5, EO bases in contraria ratione esse
atque altitudines, et esse 4/ BI'd: EZHO — MN : KA.

nam altitudo 4K aut-aequalis est altitudini MN
aut non aequalis. prius sit aequalis. uerum etiam
AE = EO. coni autem et cylindri, qui eandem ha-
bent altitudinem, eam inter se rationem habent quam
bases [prop. XI]. itaque etiam 4BI'A4 = EZHG.
quare etiam in contraria ratione est 4BI'4: EZH®
= MN: KA. iam uero ne sit 4K = MN, sed sit
MN> AK, et ab altitudine M N altitudini K4 aequalis
abscindatur IIN, et per II punctum cylindrus EO

/IE 0 = H
A ‘ g Z
' Vi 4
A" P Y y3)

plano TTZX planis circulorum EZH®, PO parallelo
secetur, et cylindrus fingatur EX basim habens cir-
culum EZH®, altitudinem autem NII et quoniam
AE=EO, erit 45: EX=EOQO: EX [V, 7]. uerum

17. ne{ — 18. IIN] P, B mg. m. 2, V (6 corr. ex 76, ©6 ex
6% m. 25 IIM pro IIN, sed M e corr. m. 2); xeal xelodw to
AK Spee loov 76 IIM B in textu, q (zé ITH pro 6 ITM), V
in textu post xal doperfedeo — 10 II1M, sed punctis del.

19. EO] O in ras. m. 2 B, TTXZ] T eras. P, 20. meo-
allside Gyt voils dmevavtlov dmmédosg vév EZHO, PO xv-
xiov. xal Theon (BVq). 22. IIN P, MII corr. ex NIT m.
2 V. 23. Post xvilpdep add. dAlog 0¢ s 6 EX ndlwwdgog
Vgq, B mg. m. 2.

o
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9 ABI'4 Bdacig mpdg vy EZH@* Omd yae ©0 avrd
tyog slaly of A5, EX wdlwdgor dg 08 6 EO xv-
Awdgog meds tov EZ, otrtwg 10 MN tpog meds d
IIN ©os' 6 pap EO xvdwwdpog Zmiméde rerunras
5 wepaddijie vt voig dmevavriov dmumédos. Eorwv Goo
xal og 7 ABI'A Pdeig- mgog v EZHO fdow,
otrwg ©0 MN tog meodg o6 IIN vpog. Ieov 0 7o
IIN tyog © KA Uye Eovww dpa wg 1) ABI'A
pdaig mgos vy EZHO Bdewv, oVrwg 16 MN tiog
10 meog 0 KA vyos. twowv dge AF, EO wviivdowv
avrimenovdacy of Pidsig Toly Dyeoiy.

‘Are O tdv AFE, EO xvilvdgav avuimsmovds-
today of Bdeeg volg Uysoww, xal &6tw ag ) ABI'A
Pacig mdg Ty EZHG fo6wv, ovrwg to MN tiog

16 meog 16 KA Oog Aéywm, ot loog éovlv 6 AF xvdiv-
dgog 7 EO xvilvigep.

Tév yoe avrdy xaradxevecdévrov énsl éotwv g
1) ABT'4 Bdeig meos tqv EZHO fdow, ovreg T
MN tyog mds 10 KA Tyog, l6ov 0 10 KA Tpog

20 1@ IIN vye, éorwv Gpa og § ABI'A facig medg
v EZH® fdow, otrwg 1¢ MN tyog mdg ©6 IIN
Uog. aid’ og udv 7y ABI'A Pdoig meds tiy EZHO
poeww, otrwg 6 A5 xbAwdgos meds tov EX xddiw-
dgov: Omd pog TO adrd Upog slolv: @g 0% vo MN

26 UPog meds 16 IIN [Dyog], odrmg 6 EO xviwdgog
nweog ©t0v EX xdlwdgov: Eatwv &go g 6 AE nvAw-

1. EZHO foagiv BV, 8. EZ widiwdeoy V. 4. IIM B,
MIIV. Post éminédep add. to TZ P m. 8 e corr.; eadem
uerba post zérunrer hab. V et m. 2 B. 6. xel{] om. BVaq.

ﬂémg& foav, sed corr. m. 1, P. 7, IMBV.  <o] supra
add. « V. 8, IIM BV. 9. fdawv] om. BVq. 12, dlda

<.
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A5 :EX = ABI'4: EZH® (nam eandem altitudinem
habent cylindri 4%, EZX) [prop. XI], et EO: EX
= MN:IIN; nam cylindrus EO plano planis oppo-
sitis parallelo sectus est [prop. XIII]. itaque 4BI'4
.t EZH® = MN:IIN. verum JIN = K 4. erit igitur
ABI'4d:EZH® = MN: KA. ergo cylindrorum 45,
E O bases in contraria ratione sunt atque altitudines.

JIam uero cylindrorum 45, EO bases in contraria
ratione sint atque altitudines, et sit 4BI'd: EZH®
= MN: KA. dico, esse 45 = EO.

nam iisdem comparatis quoniam est {BI'd: EZH®
= MN:Kd, e¢ KA=1IIN, erit ABI'4: EZH®
= MN:IIN. uerum ABI'4d:EZH® = A45:EX
(nam eandem habent altitudinem) [prop. XIJ, et
MN:IIN = EO: EX {[prop. XIII]. est igitur 45

— 13. 3ypeoiv] mg. m. 2 B.  18. dyeoe BVq. 20. IIM BV,
21. JIM corr. ex IIN V. 25. IIM corr. ex IIN V.
typog] om. P. EO] E in ras, m, 1 P, 26. o¢] supra m.

rec. P.

Euclides, edd. Heiberg et Menge. IV, 15
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dpog medg Tov EX xvdwdgov, ottwg 6 EO xviivdgog
moog 1ov EX. loog dga 0 A8 xviwdgog v EO xv-
Avdop. adavreg 0t xal éml Tdv xdvev: Gmeg Ede
detko.

s’

dvo nvxdwv mepl 10 adrd xévrgov Svrtey
glg tov pellova xvxdov moAvywvov (6dmAsvody
1¢ xal detidmlevooy éyygdYar uy Yavov Tov
dAdedovog xvxiov.

"Eotweay of dodévres Ovo xvxdor of ABI'A,
EZHO® mepl 70 adro xévvgov ©6 K' det 07 elg tov
pelfova xvxdov tov ABIA modvymvov (60mAevgdy te
xel doridmdsvgoy dyyodpoun wy Yavov ot EZHO
xUxAov.

"Hydow pag 0 tod K xévrgov svdela % BKA,
xoal and tot H enuslov vfj BA ebdele mpdg dpdag
fix®0 7 HA xal dujydo éxl to I' 5 AT doa épdnvetar
100 EZHO® avxlov. rtéuvovres 0 vy BAA meqi-
pépsiay Oiga xel Ty nulosiay odrijs Oy xal tovro
asl molovvTeg novadelpousy meguploaiay Adeeova tijg
A4d. ledeipdo, xal fovw f Ad, xel and Tov A énl
v Bd xa®evog fydw § AM xal dujydeo éxl to N,
xol émelevydweoy of A4, AN loy doo éotlv 7 Ad
vfj AN. xal émnel mopdidnidg éotw % AN v AT,
7 0% AT épdnveron 100 EZHO xvxdov, §§ AN doa

1. 6 EO] d¢ in ras. m. rec. V. 2. wma@m} - in ras.
V. _ 8. doedrog] dee in ras. m. rec. V. Gmee 3e1 dsibou]
om. V. 5.i5'] om q. 6 xvxlov] wwivdeor q. xévtgay
P, sed corr. 7. moldywwvov] om. V. 8. weidoov? V, yavoy-
t0g vov] om. q.  10. of Jodévres] om. V. 12, wvxlov]
om. ABI'4] BI eras. V. Dein add. x¥xiov V.
nolvymwov q.
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:EX = EO:EX. ergo AX = EO [V, 9]. et eodem
modo etiam in conis; quod erat demonstrandum.

XVIL

Datis duobus circum idem centrum circulis in maio-
rem circulum polygonum aequilaterum, cuius latera
paria sunt numero, ita inscribere,
ut minorem circulum non tangat.

Sint dati duo circuli 4BI'4,
EZH® circum idem centrum K.
oportet igitur in maiorem circulum
ABI'A4 polygonum aequilaterum,
cuius latera paria sunt numero, ita
inseribere, ut circulum EZ H® non tangat.

ducatur enim per K centrum recta BKA, et ab
H puncto ad rectam B4 perpendicularis ducatur H4
et producatur ad I'. itaque 4I" circulum EZH® con-
tingit {III, 16 coroll.]. iam si arcum B4 in duas partes
aequales secuerimus et partem eius dimidiam in duas
partes aequales et hoc semper fecerimus, arcum arcu
A4 minorem relinquemus [X, 1]. relinquatur et sit
A4, et ab 4 ad B4 perpendicularis ducatar 4M et
ad N producatur, et ducantur 44, 4N. itaque 44
= 4N [III, 3. 1, 4]. et quoniam AN rectae AI"
parallela est [T, 28], et 4T circulum EZ H® contingit,

13. p7j] in ras. m. 2 V. 15, BKA] fdeg in ras. m. rec. V.
17. H4) 4H BV, »el] lon in ras. m. rec. V.
20. mwotobrreg) -g¢ in ras. m. rec. V. 21. A4] 4B q.
Ad4] 4 e corr. m. 1 B. 22. AM] M e corr. m. 2 B.
28. AN)] 4Z80, sed ZO in ras. m. rec. V. ion] 10- eras.
V. 24, AN] 4AH q. 26. AI'] 4 in ras. m. rec. V
15%*

P
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ovx épdmrsren To6 EZHO xvxdov moddd dou of A4,
AN odx épdmroviar 100 EZH® xtxlov. éav 01 T
A4 eo9ely loag xata To ovveyds dvapudoopsy &lg ToV
ABI'4 xVxdov, éyypapricerar &ls tov 4ABI'A xixdov
wodvywvov (60mAsvedy & nal agriomAsvgov wy Ypavov
tov éAdedovos xUxdov vod EZH®" omep &der morijoar.

of’.

dvo opaitpdv mEpl TO avTo %EvTQOV 0VOBY
elg v pellova dpaipav 67Tegedv moAvedgov
éyyodyar uy Yavov Tijg éAdedovos opalpag
xeve TNV émipdveLa.

Nevoyjedaday 0vo dpaigar mepl 10 avrd xévrgov
10 A* 0st 0% &lg vy pelfova cpaipay Gregeov moAvedgov
dyypodpor uy Yavov tig éAdodovog Gpalpus xata THY
émpaveiay.

" Terwijodooay of opelpo émmédeo Twl Owx Tod
xévtgov Eoviar Oy af vopel xvxhov, émeidimep ue-
voveng tijg OLepsToov xal TEQUPEQOUEVOV TOD NULxv-
xAlov Eylyvero 1 Gpaipn dote xal xad’ olag &v Pé-
605 dmvondousy T0 Huvxiiov, 1o 01’ avtov xfal-
Adpsvov émimedov mowvjcer éml tijg ‘émgavelog g
ogalpag xUxlov. xal avepdv, Oti xal péyierov, émei-
Onmep 7 Ouduergog tig Goalpag, 7T forl xal Tov
fuixvxdiov diduergos 0nAwdy xal rov xvxiov, uelfov
o1l maody TtV &lg TOV avxdov 1 Ty opalpav -
youdvav [ebdadv]. E&to ovv év ulv T uelfove

1. of] % q. 2. wvxlov] -ulov eras. V. d¢ BV,
5. z¢] om. P. 6. to9] (alt) 76 q.  wopiopwe. xal gavseoy,
8ti 7 dmd T0o% A nddetog iml iy BJ ovx dpdyperar tod dvrdg
#tulov mg, m. 1 P, 10. #larroves V. 11. meoipéosiay
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AN circulum EZH® non contingit. multo igitur
magis A4, AN circalum EZ H® non contingunt.
itaque si rectas rectae 44 aequales in circulum 4BI'A4
continue aptauerimus [IV, 1], in circulum A4 BI'A
polygonum aequilaterum, cuius latera paria sunt nu-
mero, ita inscribemus, ut minorem circulum EZH®
non tangat; quod oportebat fieri.

XVIIL

Datis duabus sphaeris circum idem centrum positis
in maiorem sphaeram solidum polyedrutn ita inscribere,
ut minorem sphaeram secundum superficiem non tangat.

Fingantur duae sphaerae circum idem centrum .4.1)
oportet igitur in majorem sphaeram solidum polyedrum
ita inscribere, ut minorem sphaeram secundum super-
ficiem non tangat.

secentur sphaerae plano aliquo per centrum po-
sito. sectiones igitur circuli erunt, quoniam sphaera
orta est manente diametro et circumacto semicirculo
[XI def. 14]; quare in quacunque positione semi-
circulum finxerimus, planum per eum ductum sectio-
nem in superficie sphaerae efficiet circulum. et ad-
paret, etiam maximum circalum id effecturum esse,
quoniam diametrus sphaerae, quae eadem diametrus
est semicirculi et ipsius circuli, ut adparet, maior est
omnibus rectis, quae in circulo uel sphaera ducuntur

1) Figuram dedi ex P; in B rectn XQ omissa est. nouam
delineauit Peyrardus.

P; yo. émgdverey supra m. rec.  19. dyévero V (ante v ras.
1 litt. et accentus corr.). 28. doviy P. 24, xeljins. m.1V.
26. evdadv] om. P.
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opalpe xvxdog & BIAE, év &k vy éAdeoovt opalpn
xvxhog 0 ZH®, xal fjydocey avrov dvo diduergor
weds 0pdag aAdjiaig af BA, T'E, xal 0vo xvxiev
mepl 0 avrd xévigov Sviwv twv BIAE, ZH® &l
tov peltove xvxdoy tov BI'A E modvyevov leénisvgov
xel agridmAsvgoy éyyeppdedm uy PYavov vov éAdacovog
xvxdov tov ZHO, o0 misveul f6twoay év v BE
tevagrypoplo af BK, KA, AM, ME, xal émifevydeloa
1) KA dujy®w énl 70 N, xal dveordrm amd tov A on-
uelov t rob BI'AE xixdov émnédeo meog 6pdag 1

2. xvxzlog] bis P, corr. m. 2. évo] om. q. 8. B4,
IE] det I'e corr. V; BI', 4dE B. 6. 7¢ xal V.
10. =] om. q.
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[III, 15]. iam in maiore sphaera sit circulus BI'ZE,
in minore autem circulus ZH®, et duae eorum dia-
- metri inter se perpendiculares ducantur B4, I'E, et
datis duobus circulis circum idem centrum positis
BI'4E, ZH® in maiorem circulum BI'4 E polygonum

aequilaterum, cuius latera paria sunt numero, ita in-
scribatur, ut minorem circulum Z H® non tangat
[prop. XVI], et latera eius in BE quarta parte cir-
culi sint BK, KA, AM, ME, et ducta K4 producatur
ad N, et ab 4 puncto ad planum circuli BI"4 E per-
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AE xol ovpfoldére tf) émpavele tig opalpas xate
0 5, xal dwa tijg AE nal éxarépag vov BA, KN
énineda xPefiijodw’ moujeovar 01 Oie ta elonuéve
énl tijg émgavelag tig dpalpas peyloTovs xvxdovg.
nowslroday, av Nuxvxdie dotw éml tév BA, KN
dopéroov e BEA, KEN. xol énel % EA dod7
é6ti mog ©0 ©00 BI'AE windov émixsdov, xol mdvia
doo T Ove vijg FA émimedd fotiv dpde medg 1O TOD
BI'4E w¥xiov émimedov: dove xal ve BEA, KEN
nuixvxiie dpda ot medg T 100 BI'AE xvndov émi-
wedov. xol énmel loo éarl v BEA, BEA, KEN nu-
xVxhia’ énl pap lewv &lol diopérpov tov B4, KN-
l6a éotl xal va BE, BE, K5 tevagrnudgio aidrjio.
8o &pa slelv év to BE tevagrnuople mAsvgal vod
woAvyavov, tosairal slor xal v vois B E, K5 retap-
tpoglotg leow taly BK, KA, AM, ME s)deiag.
éyysyodgpdaday xal éorwoav ol BO, OII, IIP, PE,
KX, 2T, TT, TE, nal éncfevydacer of 20, TII,
TP, xal and tov O, X énl 10 tov BI'4E xixdov
éninedov xddevor Nydwoav: mecovviar Oy éml Tag
xoweg Topag tdY émmédov tag BA, KN, énadijnee
xol 1 tov BEA, KEN émineda dpda dotL medg o
tot BI'4 E xbxhov éninsdov. minrézmoay, xel édtwoay
al 0D, X, nol énctevydo 1 XD. xel énel v igog
nuexvxdiowg tolg BEA, KEN loaw aneidnupévar eloly
of BO, KX, xal xddsvor fypévar slolv af 0P, TX,
lony [dpa) éot'v ) udv OD 1) £X, 7) 0t BD v KX.
Zove 0% xal GAn 9 BA 8Ay v KA lon xal Aoumy

8. moujcovewy P, moievor q. 5. formoay BV q. 6. ]

corr. ex 76 B. 7. domiv B. 8. de¥a domt BVq. 10. dovy
PB. BATE q. 11. Zotiv PB. K5N] om. P,
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pendicularis erigatur 45 et cum superficie sphaerae
concidat in 5, et per 4% et utramque B4, KN plana
ducantur, itaque propter ea, quae supra diximus, in
superficie sphaerae maximos circulos efficient. eos effi-
ciant, quorum semicirculi in diametris B4, KN sint,
BE A, KEN. et quoniam 5 4 ad planum circuli BI'4E
perpendicularis est, etiam omnia plana, quae per 5.4 du-
cuntur, ad planum circuli BI'4 E perpendicularia sunt
(XTI, 18]. quare etiam semicirculi BS54, K.&N ad planum
circuli BI'4E perpendiculares sunt. et quoniam semi-
circuli BEA, BE A, K 5N aequales sunt (nam in aequa- -
libus sunt diametris B 4, K N)[III def. 1], etiam quartae
circulorum partes BE, BE, K5 inter se aequales sunt.
itaque quot sunt in BE quarta parte latera polygoni,
totidem etiam in BJE, K quartis partibus sunt rectis
BK, KA, AM, ME aequalia. inscribantur et sint
BO, OI1, IIP, PF et KX, XT, TT, T, et ducantur
X0, TII, TP, et ab O, X ad planum circnli BI'4E
perpendiculares ducantur. cadent igitur in' communes
planorum sectiones B4, KN, quoniam etiam plana
circulorum BE4, KEN ad planum circuli BI'4E
perpendicularia sunt {tum u. XI def. 4]. cadant et
sint 0P, XX, et ducatur XP. et quoniam in aequa-
libus semicirculis BE 4, K5 N aequales abscisae sunt
BO, KX [IlII, 28], et perpendiculares ductae sunt
0P, XX, erit 00 = XX, BO® = KX [III, 27. 1, 26].
uerum etiam B4 = K 4. itaque @4 = X 4. quare

18. Post BE eras. 4 P. Post BE ras..1 litt. P. K=)
in ras. m. 1, dein del. N, P. = 1b. rocavte q. gloww PB.

21. nal émadnmee nol q.  24. X P corr. ex PX m. 1V,
®X B. 27. doa] m. rec. P. 2X] X'e corr. V. 28. forwy
B. X4] e corr, m. 2 V.
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doa 7 ®A Aowwjj v XA dovw lon' Forww doa g 7
B® mpdg v @A, otrwg ) KX meds v X A* mao-
dAidnhog toa éotlv 1) XD t} KB. xal émel éxovéoa
1oy 0P, TX oM} oty medg 10 Tov BI'AE xvxdov
énimedov, wopdAiindog &ga éotlv ) OD i) TX. £0slydq
0t avr xal lon' xel af XP, 2O dga loar slal xal
woagdddnior. xol émel mapdiinAdg doviv % XD vy
X0, alhe 7 X® v KB Zov. megdlinlos, xal 7
20 épa tf) KB ot magadinios. xal émtevyvvovey
adtag af BO, K2 v6 KBOX dga vevpdmievgov év
évi donwv émimédp, émadimeg, dv der dvo eddelas
megoedindor, el @’ éxavépag avrdy Angdy vvydva
onusle, 1 énl e onuele émfevpvvpdvy eOdsia v o
ovrg dmmédp forl taly megaddfiog. dix Te evre
8% xal éxdvegov tév EOIIT, TIIPT vevpemisipay
v vl dony dmnmédp. E&oti 0% xal ©0 TPE tolymvov
v vl dmmédp. v O voijdopsy dmo tdv O, X,
I, T, P, T equelov éxl 10 A émievyvvpévag evdelog,
ovoradioeral TL Oyfjue OTeQEov moAvedoov petakd
rov BE, KE neoipepeidv éx mvgauldov evyxelusvov,
&v Pdosg pv to¢ KBOX, ZOIIT, TIPY verpd-
nisvga xol ©0 TPE volyovov, xoguepy 0% 10 A4 on-
pelov. éav 0% xal éml éxaorng tov KA, AM, ME
nAsvoiy xaddmep énl viig BK ve avte xeracxsvicousy
xol Ev éml Ty Aomdy TeLdY teragryuopimv, GueTe-
doeval v oyfua moAvedgov Eyyeyoauuévov sl Ty
cpalpay mvgeulsr meguegdusvov,edy Pdesg [uiv] e

1. =jj loumfj T q. 2. B®)] e corr. V m. 2. 4, douy
P, 6. xe/] (alt) om. q. 20] O euan. P. elolv PB.
7. dortv] -w in ras, V, om. q. $X P. 8. X&] cor.
in X m. 1 V. 10. KBOZX] BOKZX V. 11, deiv PB.
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B®:PA=KX:XA4. itaque XP rectae KB paral-
lela est [VI, 2]. et quoniam utraque O®, ZX ad
planum circuli BI'4E perpendicularis est, O ® rectae
ZX parallela est [XI, 6]. demonstrauimus autem,
esse etiam O® = XX. quare etiam rectae X®P, X0
aequales sunt et parallelae [I, 33]. et quoniam X&
rectae ZO parallela est, eadem autem X & rectae KB
parallela, etiam 2O rectae KB parallela est [I, 30].
et eas iungunt BO, KZ. itaque quadrilaterum KBOX
in uno plano positum est, quomiam, si datis duabus
rectis parallelis in utraque sumuntur quaelibet puncta,
recta ad puncta ducta in eodem plano est ac paral-
lelae [XI, 7]. eadem de causa etiam utrumque quadri-
lateram XOIIT, TIIPT in uno est plano. uerum
etiam triangulus TPE in uno plano est [XI, 2]. iam
si a punctis O, 2, IT, T, P, T ad A rectas finxerimus
ductas, figura quaedam solida polyedra inter arcus
BE, K5 construetur ex pyramidibus composita, qua-
rum bases sunt quadrilatera KBOX, XONIIT, TITPY
et triangulus TP, unertex autem 4 punctum. et si
etiam in singulis lateribus K4, AM, ME eadem com-
parauerimus, quae in BK, et praeterea in reliquis
tribus quartis circuli partibus éadem, figura quaedam
polyedea construetur in sphaera inscripta ex pyra-
midibus composita, quarum bases sunt quadrilatera,

14. éotév B, 16, fwdreoa BV. 16, Iminédo éotiv q.

forwv B. 21. pdoig BYq.  IITPT q. 22. tov q.

TEP P, corr. m. 1. toiyavov q. 24, xareonsvddopsy
e corr. m. 1 g. 256. Post zeraornuoplwy add. Theon: xel
énl tov loimod Nuicpuiglov (BVq). 26. oyfipe) oyijue ove-
eedy V, ovyyeyoauuévoy P, 27. nveaulowy P, éx mvou-
pldor BVq.  evyxeluevoy BV, pév] om. BVq.

vl
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slonuéve retgamisvoa xel 10 TPE volyovov xel va
opotayi] avtols, xoguet 0% T0 A enusiov.

Aéyw, ote o slonuévoy molvedgov odx Zpdperar
Tijg éAdedovog Gpalpas xerd T dmgdvaav, {9’ Ng
doviv 06 ZH® nixlog.

"Hy%o amo tov A oquelov éml ©0 rov KBOX
tergamwievoov émimedov wdderog 3 AW wel evufal-
Ao 1@ fmmédo xove t0 W onuelov, xol melsvydo-
6av of B, WK. xal énel § AF Ogd1] éove medg
76 100 KBOZX tevpamdevgov Emimedov, xal mpog md-
6ag doa tag Gmropévag avtig eVdslag xel oveug fv
T Tob terpamdevoov fmméde opdy devw. AW
doe Gpdn 6t meog émarépav tdv BYW, K. xal
énsl loy doriv % AB tfj AK, lgov otl xal ©od amd
vijg AB 16 dmd vijg AK. xel Zove t¢ plv amd Tijg
AB loa ta dnd rév AW, WB: Oeby yie 7 meds
66 P 1 0t amo vijg AK ioe va and tdv AW, PK,
T dge amwd tav AW, WB loa é6tli tolg amd Tawv
A®, TK. xowdv appenedeo o axd vijg . AT Ao-
mov dge 0 dmd Tig B Aoumd vd amd tijg TK
loov éoriv' lom dox 1 BY v PK. Obpolwg O Osi-
Eouev, 0rt xal af dwo tov ¥ énml v O, X imtsvyvy-
pevay eodelow loow eloly Exarédoq tov B, TK. 6
doa xévrop v ¥ xal dweeripars évl vdy FB, K
yoapluevog xvxdog Tke xal dix tov 0, 2, xal Edrec
év xUxdo to KBOZX tevgamisvgon.

Kol émsl peltov éoriv § KB tijs X®, oy 0t 7
X® ) 20, pelfov dga 7 KB vijg 0. lon 0t q

1. TEP BYV. 2. opoorayi; B. 8. Adyw & q.

9. ¥B] B e corr. P, B¥ BVq. domy P. 10. KBOX] =
e corr. m. 1 P, mut. in BKOZ m. 1 V, BKOX q. TETQO-
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quae nominauimus, et triangulus TP, et quae simi-
lem obtinent locum, uertex autem punctum 4.

dico, polyedrum, quod significanimus, minorem
sphaeram non tangere secundum superficiem, in qua
est circulus ZHO.

ducatur ab 4 puncto ad planum quadrilateri KBOX
perpendicularis 4% et cum plano in puncto ¥ conci-
dat, et ducantur B, ¥K. et quoniam 4 % ad planum
quadrilateri X BOZX perpendicularis est, etiam ad om-
nes rectas eam tangentes et in plano quadrilateri po-
sitas perpendicularis est [XI def. 3]. itaque 4% ad
utramque B ¥, ¥K perpendicularis est. et quoniam
AB = AK, erit etiam AB?= AK® est autem
AP:+4 B = 4B, nam angulus ad ¥ positus
rectus est [I, 47]; et A P2+ WKE == 4AK®2 quare
AP+ PB* = 4 P2 4 PWKE auferatur, quod com-
mune est, 4 ¥* itaque B¥? = WK: quare BEF
= PWK. similiter demonstrabimus, etiam rectas a
¥ ad O, X ductas aequales esse utrique B%, FK.
itaque circulus, qui centro ¥ et radio alterutra recta-
rum ¥B, ¥K describitur, etiam per O, Z ueniet, et
quadrilaterum K BOZX in circulo erit.

et quoniam KB > X® et X® = X0, erit KB
> 0. uverum KB= KX = BO. quare etiam KX

mhsdgov] om. V. 12, dorv] dotiv ) AF Theon (BVq).

13. éomv P. 14. 6] corr. ex o m. 1 P. 15. éouv P.
18. éotiv P. 19. and] -md in ras. V. 21. forou q.
¥B P 22. za O, Z] corr. m. 2 ex 76 O B,

23. K] K in ras. V. 24. 6] bis P, sed corr. m. 1.

-o675-'e corr. m. rec. P.  B¥ Vq.  26. 7d] corr. ex 1% V.
27. dotl V. X®] corr. ex ®X V, &X B. 28. 7]

tiis B. t7s]) tj q. Ion 08 — p. 288, 2. doriv] mg. m. 2 B.

-
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KB éxavépe vov KX, BO* xal éxarépa &oa tév
KX, BO tijs 2O pelfov fovlv. xol sl év xvxie
TeTodwAsvgoy éoti v6 KBOZX, xal idaw of KB, BO,
KX, xal éarvov 7 OX, xal éx vob xévrgov Tov
xUxdov éotlv 7, BY, ©o &pa amd vijg KB vov amd
tiig BW uettdy dovw 7 dumideiov. #yPw dwd Tov
K il v B® xadevog 1) K. xal énwel 7 BA tijg
A8 édrrov devlv 4 dimdi, nal deriv dg ) B4 meds
my A48, otrwg 10 V0 tov 4B, B meog T0 vwo
[rov] 48, & B, avaygagopévov axd tijg BL reroo-
yovov xal Gvumingovuévov tov énl vijg Q4 magal-
Anloypdupov xal 76 vwo 4B, BR dga tov vmo AL,
QB #arvéy demv 1 Oumhdeiov. xal dove vijg KA
émisvpvvpévng ©d ulv vmd 4B, B loov 16 dmo
viig BK, ©0 0} vmo tdv 4R, QB loov ©p and vijg
K&Q o &go amo g KB ot amd vijg KQ Elacedv
dovv 7} Oumidoiov. dAla 10 dmo tiig KB vov d&md
tiig BY peitov fovwv 4 dimddorov: peifov doa o dmod
15 K& 700 and zijs BW. xal émel ion doviv 7 BA
vij KA, loov dotl vo amod wijc BA 16 and tig AK.
xel dore T pdv amd vig BA low ve awd tov B,
T, v 0t and vig KA loa ¢ ano tédv KQ, Q4"
T doo amo tov BYW, WA loa forl volg amd rov
KQ, &4, dv ©o ano g KR uetfov rod dxo ijg
B Aomdy dga to amd tijs QA Eacedv ot tov
amd tijs PA. pelfov dox 5§ AP viig AR molie

1. xel] om. q. xaf{ — 2. BO] mg. m. rec. P. 2. KX,
BO] corr. ex KB, ZO P. dott Vq. 6. 7780 — 1. xa-
®zrog] bis P, sed corr. m. 1. 7. K onuelov B. K Q]
supra 8cr. §, mg. s m. 1 P, corr. in X® m. rec.; X& BVgq,
sed in V supra scr. @ m. 1. 8. 42] Pm. 1, 49 BVq, P
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> 20, BO> X0. et quoniam in circulo est quadri-
laterom KBOZ, et KB, BO, KX aequales, O X autem
minor, et radius circuli est B ¥, erit’) KB® > 2B Y2
ducatur a K ad B® perpendicularis KQ.%) et quo-
niam B4 <248, et BA: 4L = AB>< BL: 482
> R B, constructo in B& quadrato et parallelogrammo
in 2 4 expleto erit etiam 4B >< BR <2482 >< B,
et ducta K4 erit 4B>< BR = BK? 42 > BL
= KQF [III, 31. VI, 8 coroll.]. itaque KB®* < 2KQ*%
verum KB®> 2B¥? itaque KQ%> B¥2 et quo-
niam BA = KA, erit BA® = AK% et BA® = BY¥?
+ ¥A4: KA4* = KQ*® 4 Q 4% [I, 47]. itaque B ¥?
4 T A= KQ*+ R 4%, quorum K Q%> BW2 quare
QA < TA? et AP > 4. multo igitur magis

1) Nam singula latera XB, BO, KX maiora sunt latere
quadrati inscripti, quod aequale est B¥Y2.

2) Facile demonstratur, perpendicularem hanc in ipsum
punctum @ cadere, et huc spectat emendatio Theonis @ ubique
pro & reponentis. sed tum demonstrandum ei erat, X & per-
pendicularem esse. Euclides hoc aut non intellexit aut, quod
potius crediderim, non curauit, quia ad tenorem demonstratio-
nis nihil prorsus refert.

m, rec.; item lin, 9, 10, 12, 15. 9. BQ] P m. 1, B BVq,
P m, rec.; item lin. 10, 12, 14. 10. zov] om. P. - Q B}
Pm. 1, B BVq, P m. rec.; item lin. 13, 15. and] corr.
ex avrov m. 2 B. 11, Q4] P m. 1, @ABVq,Pm rec. ;
dein add. V: @B év fréep (in textu m. 1). 12. Hmd)
vmé oy Va. V6] vmo rov V. 13. 7 dumlaoiov] Oumda-
glov P. ZdouvP, 15. BK]KBqetinras. V. BXK — zig] bis
q. 16. KQ] (prius et alt.) P m. 1, X0 BVq, P m. rec.  zis]

(alt.) vov V. 19. XQ] P m. 1, XP BVq, P m. rec.; item
lin. 22, 24 bis.  20. Zo7l nal 76 V AK] in ras. V, K4 B.

21, dotw P. 73] corr. ex zo V. 22. Q4] P m 1, &4
BVq, P m. rec.; item lin. 24, 25. 28. & dga — 24 Q4]

mg m 2 V. 25. domw P. 26. 4] P m. 1, 40 BVq,
P m. rec.
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doa n AW pelfov foti g AH. xal d6vww % pdv
AT il plav tov moAvédgov Paow, n 0t AH éml
v tijg éAdodovog cpalpag émipdveiny: @6Te TO MoO-
Adedgov oY Yaves tijgs éAdocovog cpalpug xoura TV
émpaveiay.

Advo dpo opupdy mepl TO avrd xévrgov ovomy
el v uelfova oGpaigav eregsov molvedgov Epyé-
yoamzar uy Yavov tijg fAddGovos opalgag xeve TNV
émpdvsiey: omep E0e moifjoou.

Hogiopa. A
Eav 0% xol &lg évépav epaigav t¢ év ) BIAE

opalpe 6Tepey molvédep Suolov aregedv moAvedgov
éyyoagi, ©0 év vij BITAE opalpn 61e9e0v moAivedgov
7weog ©0 &v i} Erépa opalpg eregeov molvedgov Tor-
ndaglove Adyov Eye, Wimep W vijs BI4E ogalgag
dudpergos mEog Ty tig évépag O@algng OidueToov.
digedévrmy yio TéV oregedy &lg tég OpotomAndels
el Oporotaysly mvoauldag Ecovrer af mvgouidsg
ouovan. of 0F Spoiar mvgauldsg meog dAjAag év Toi-
miaolove Abyo &lol tov opoAdywv misvedv: 7 &ou
mvgauls, g Pidig pév éot vo KBOX tergdmisvgov,
xogup 0% T A enusiov, meog Ty év T frége cpalpn
ouototayy mvgaulde toumdadiova Adyov Eysi, Ymep %
oudioyog wisvga modg T OdudAoyov mAsvedv, Tovr-
dorwv 7meg 1) AB éx tod xévigov tig egalpas Tijg
mepl xévrgov 10 A medg TV éx o xévrgov Tijg évé-

1. A¥] O¥ q. 4. pade P. 6. Seq. demonstr.
altera, u. app. 9. worsjoat] deikoe Theon (B Vq). 10. mo-
etope] mg. m. 1 P; om. BVq, 14, mods 6 — molvsdoov]
mg. m. 2 B. 16. oregeds B, fldooovos q. opalpag] om,
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AP > 4AH. et AP ad unam basim polyedri, 4 H
autem ad superficiem minoris sphaerae ducta est.
quare polyedrum minorem sphaeram secundum super-
ficiem non tanget.')

Ergo datis duabus sphaeris circum idem centrum
positis in maiorem sphaeram solidum polyedrum ita
inscriptum est, ut minorem sphaeram secundum super-
ficiem non tangat; quod oportebat fieri.

Corollarium.

Sin etiam in aliam sphaeram solido polyedro in
sphaera BI'JE inscripto simile polyedrum solidum
inseripserimus, solidum polyedrum in sphaera BI'4E
inscriptum ad solidum polyedrum in altera sphaera
inseriptum triplicatam rationem habebit quam dia-
metrus sphaerae BI'4 E ad diametrum alterius sphaerae.
solidis enim in pyramides numero aequales et simili
loco positas diuisis pyramides similes erunt. similes
autem pyramides triplicatam inter se rationem habent
quam latera correspondentia [prop. VIII coroll.]. itaque
pyramis, cuius basis est quadrilaterum KBOZX, uertex
autem 4 punctum ad pyramidem in altera sphaera
simili loco positam triplicatam rationem habet quam
latus correspondens ad latus correspondens, h. e quam
AB radius sphaerae, cuius centrum est 4, ad radium

1) Idem enim similiter fere de ceteris basibus solidi de-
monstrari potest.

q. 17. oporindeic V. 18. oporayeig BV, 20. elotv B.
nveauls &oa P. 21. K®XZO0 V, sed corr. 23. ouo-
tayii V et B, sed corr. m. 1.  26. meol 76 Bq.

Euclides, edd. Heiberg et Menge. IV. 16
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eag opalpag. Opolwg xal éxderny mvgapls tdv év T3
nepl xévtpov 10 A Opalpa medg ExdoTny Oporayd
nvoeulde tév év tf] érépn opalpe ToimAadiove Adyov
£, nmep 1 AB medg v éx TOL xévrgov Tig Erdgag
opalgag. xel @g &v TV fyovuivev medg &v tov éxo-
pévov, ovrog dmavta te fyovusve meds Amavie Ta
émdusve” @ots GAov o & Ti) meQl xévrgov TO A opaipa
oteQe0y moAvedgov meodg GAov To v Tf) évépe [palpe]
otspsdy modvedgov toimdadiova Adyov ke, fimep 7
AB mgds Tv éx tod xdvrgov tiig érégag Spalpag,
tovréoriv fimep § B4 didpstgog medg tv tijs Etépes
opalpag dixpsrgov: Omsp &0er Oeikar.
o’

Al opaitoar meds addfiag év toimAadiove
Adye elol thv (dloy diapuérpov.

Nevorjodwoay opaigar of ABI', AEZ, diducrgor
0% avrov of BI'y EZ* Aéyw, Gte | ABT opaigpa medg
iy AEZ opuigay roumdaciove Adyov Eye imeg n
BI' mgdg tqv EZ.

2. meol 16 Bq, 4. ftéoug) om. P. 7, dore xaf P.
nepl 16 B, xéivigm 14 Q. 8. opalee] om. P.
10. étépag] B supra scr. oreesds m. 2. 16. eloly PB,
16. évvoncdwoay P
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alterius sphaerae. similiter etiam singulae pyramides
in sphaera positae, cuius centrum est A, ad singulas
pyramides simili loco positas in altera sphaera tripli-
catam rationem habent quam 4B ad radium alterius
sphaerae. et ut unum praecedentium ad unum sequen-
tium, ita omnia praecedentia ad omnia sequentia [V,
12). quare totum solidum polyedrum in sphaera po-
situm, cuius centrum est 4, ad totum solidum polye-
drum in altera sphaera positum triplicatam rationem
habebit quam 4B ad radium alterius sphaerae, h. e.
quam diametrus B4 ad diametrum alterius sphaerae;
quod erat demonstrandum.

XVIIIL.

Sphaerae triplicatam inter se rationem habent quam
diametri.

Fingantur sphaerae 4 BI', 4EZ, earum autem dia-
wetri BI, EZ. dico, esse ABI': 4EZ = BI*:EZ®
16*
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E¢ yag uy 1 ABT ogaiga mgog tyv 4 EZ 6paloay
roimdadlove Adyov &ysv iimeg § BI moos v EZ,
&e dga m ABI opaiga. medg éidgdove wwa tijg
A EZ cpalgag rouwdasiova Adyov 1 medg pelfova ijmeg
7 BT meég vy EZ. Zyérw mooregov mods éAadoova
iy HOK, xal vevojedw 1 AEZ ) HOK negpi 16
oVt xévroov, xal yyeyoc@pdm &l vy pelfove apaigay
v AEZ 6vegedv modvedoov pr paiov vijg-éhaceo-
vog dpalgag tiis HOK xava v émpaveav, Zyys-
yodpdw 0% xal elg vmv ABI opaioav ©6% év vff AEZ
opalpe 6TEQE@d TOAVENQ Omolov OTEQEOY moAvedgov:
70 &pe &v 1vff ABI" orepedv modvedoov mols 10 v
tj AEZ 6regeov molvedgov roumdaclove Adyov Eyet
nimeg 4 BI" moog tiw EZ. &y 0t xal 9 ABT opaipn
mocg iy HOK ogpalpav roiwlaclove Adyov imesg %
BT wmpog tyv EZ- &omv dpa g | ABI cpaipn moig
v HOK opaipav, ottwg 10 év ] ABI opalpe
ovepedv molvedoov moog v v vij AEZ ogpalpn ore-
0s0v molvedgov édvallat [dea) wg % ABI epaiow
modg 0 év avrf] moAvedoov, ovrmg ) HOK cpaien
1005 70 &v 1§ 4 EZ 6paipy ovepeov modvedgov. usltov
0t 1 ABT opaloe T00 év avrf) molvédoov' pelfwv
doa xel ) HOK ogpaipn vov év vij AEZ 6paioy mo-
lvédoov. alde xol Fldrrov: dumeoidyerar pag Om’
adrov. ovx aga 7 ABI egaipe moog éAdocova Tig
AEZ copalgas toimdagiove Adyov &yt tfimeg m BT
dudpsrgog moos v EZ. Opolwg Oy deltousv, Ot

3. opaipa] om. q. 6. H
4EZ add. opaiga Vq et B m.
8. 4EZ) E supra scr. m. 1 V.,

® P. évvorjofa P. Post
2. 1. yeyeapdus q.
9. HO P. 10. JEZ] E
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nam si non est ABI': AEZ = BI'®: EZ% sphaera
ABI" aut ad sphaeram minorem sphaera 4 EZ tripli-
catam rationem habebit quam BI': EZ, aut ad ma-
iorem. prius habeat ad minorem H@®K, et fingantur
AEZ, HOK circum idem centrum positae, et in ma-
iorem sphaeram AEZ solidum polyedrum ita inseri-
batur, ut minorem sphaeram H®K secundum super-
ficiem non tangat [prop. XVII], et etiam in sphaeram
ABI solido polyedro in 4 EZ sphaera inscripto simile so-
lidum polyedrum inseribatur. itaque polyedrum solidum
in ABI" inscriptum ad solidum polyedrum in 4EZ
inscriptum triplicatam rationem habet quam BI': EZ
[prop. XVII coroll.]. uerum etiam 4 BI': HOK = BI®
: EZ® itaque ut 4BI': HOK, ita erit solidum po-
lyedrum in A4 BI" sphaera inscriptum ad solidum po-
lyedrum in 4 EZ sphaera inscriptum. permutando
[V, 16] ut sphaera 4BI" ad polyedrum in ea in-
scriptum, ita sphaera HOK ad solidum polyedrum in
AEZ sphaera inscriptum. sed sphaera 4B.I maior
est polyedro in ea inscripto. itaque etiam sphaera
- HOK maior est polyedro in sphaera 4 EZ inscripto
(V,14]. uerum eadem minor est; nam ab eo comprehen-
ditur. itaque sphaera 4 BI' ad minorem sphaera 4EZ
triplicatam rationem non habet quam BI' diametrus
ad EZ. similiter demonstrabimus, ne 4EZ quidem

supra scr. m. 1 V. 11. o@alog] om, V. oregeov] om. V.,
12. mgog 76 — 13. molvedgov] om. q. 14. ABI'} AT P.
15. iéyow] Zoyov Eyer P. 16. 4B q. 17. opalpe] om. V.

18. n(mg 176 — 19. moidedgor] om. q. 18. 6qza{ga] om.
V. 19. &ea] om. P. 20. cpaige] om. V. 22. ogaige]
om. V. 25. #arrova P. 26, JZ V.

P
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o0t § A4EZ egpaion mweog éldadove 15js A BT 6paipas
rouwdaclove Adyov &ye fimep 1 EZ moog tiv BI.

Aéyw 01, 6t 000t § ABI" 6paipn meds pefova
nve g AEZ opalpas toimdasiove Adyov &yst fmeo
% BI mgdg tqv EZ.

Ei yagp dvvardv, éyére mpog peifova Ty AMN-
avamadw doa § AMN ogaipa meds tiv ABI opai-
pav touwdaciove Acyov &xe iimeg n EZ Sidusrgog
neog v BI' dudustgov. ag 0t 7§ AMN ogaloa
weos v A BT apaigav, otrws 1) AEZ opuign meog
élagoove tve tijg ABI' dpaigag, émednmeo uelfov
dotlv ) AMN tijg AEZ, og éungocdsv 0eiydn. nal
7 AEZ é&ga opaiga moos élacdove wwe tig ABI
opaipag toumdaciova Adyov Exe fimeg 1 EZ moog v
BI Gnep advvarov édelydn. ovx dpa ) ABI cpuign
weog ueifove rwa vijg 4 EZ opaigag toiwheciova Adyov
&e dimsg 4 BI ngog vy EZ. #0eiydn 04, 6ti ovdd
noog éAdaoova. n doew ABI opuaiga medg v AEZ
opaioay touwiaciove Abyov Eye timeg v B modg o
EZ- 3nep e dcikau.

4. f&a V. 11. epolong, g Eumoosdey 28elydn, his
uerbis infra lin. 12 omissis, BV. 18. doa] om. BV,
nve] om. BV, 16. Twwe] om. BV, 18. flacooy q.

ABT'] BI' q. In fine: Edulefdov croiyeloy 1f Pq, Edxleldov
oteoEwy f§, %on ot tov ororyefov 16 ¢f B. In q seq. rovro 1o
Deoonua 10 §° dotl zov ty’ fifilov, deinde in textu XIII, 6
(in mg. Szaonue dote Tovro §° Tob ¢y’ Pifilov); u. app.
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sphaeram ad minorem sphaera 4 BI triplicatam ratio-
nem habere quam EZ ad BI.

iam dico, sphaeram 4BI" ne ad maiorem quidem
sphaera 4EZ triplicatam rationem habere quam BI”
ad EZ. nam si fieri potest, habeat ad maiorem
AMN. itaque e contrario [V, 7 coroll.] sphaera
AMN ad sphaeram ABI triplicatam rationem habet
quam diametrus EZ ad diametrum BI. sed ut AMN
sphaera ad 4 BI' sphaeram, ita 4 EZ sphaera ad mi-
norem sphaera ABI', quoniam AMN > AEZ, ut
antea demonstratum est [prop. II lemma]. itaque
etiam A4 EZ sphaera ad minorem sphaera ABI tri-
plicatam rationem habet quam EZ: BI'; quod fieri
non posse demonstrauimus. itaque 4 BI sphaera ad
maiorem sphaera 4 EZ triplicatam rationem non habet
quam BI': EZ. demonstrauimus autem, eam ne ad
minorem quidem hanc rationem habere. ergo

ABI': AEZ = BI®: EZ3;

quod erat demonstrandum.
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Eav svdsia yoapun dxgov xal uégov Adyov
tun®f, vo peifov tufua meosiafov vYnv fui-
oeLav Tig 0Ang wevraniddiov dVvatal ToV axd
TTs NULOELAG TETQAYGBYOUD.

Ed9sia yag yoauun n AB éxpov xal pésov Acyov
rerue®o xave 10 I' enusiov, xal fore peifov Tufjue
10 AT, xol éxPeflijodo én’ evdslag ©f] I'A s0deia 3
A4, xal xelodw tiig AB nuicsa § A4 Ayw, on
meviemwddody ote 1o dmd vijg I'A vob amd vijg A A.

Avoyeypepdwoay pop ano tov AB, AT verod-
yove ta AE, AZ, xal xaraysypdpdo &v 16 AZ 1o
oyfue, xal dujgdo n ZI énl vo H. xel émel v AB
dxgov nal péoov Adyov vérunrar mava o I'y 16 dpa
vm0 tov ABF loov éotl t and tig AL xal éome
76 ulv vmo 1ov ABI 10 FE, ©6 0t awo zijg A"
10 ZO' loov dgo t6o I'E t©6 ZO. xal énel dimdy
éowwv 1 BA vijg Ad, ioy 0t 7 utv BA vj KA, 5
0 A4 ) A0, dundij dga xal § KA tig AO. ag
0t 7 KA mpdg vy A®, ovreg 10 I'K meog ©o 'O

Edwleldov otoigeloy iy PVh, Edxleldov otsoesv 7 otoi-
yeloy 1y B, Eduleldov croiyelny 17 otsoedv yq. 5.téraymvov)
P, comp, supra m. 2 V; z5s 6ine Theon (BVbq). 8. 23] =is
P et B, sed corr.  sdfsin) efdelag B, corr. m, 1. 9. xal —

»



XIIL.
L

Si recta linea secundum rationem extremam ac
mediam diniditur, quadratum maioris partis adiuncta
dimidia parte totius aequale est quadrato dimidiae
quinquies sumpto.

Nam recta linea 4B secundum rationem extre-
mam ac mediam diuidatur in puncto I', et pars maior
sit 4T, et I'4 in directum producatur, ut fiat 44, et
ponatur 44 = 4§ A B. dico, esse I'd*=D5dA4>

construantur enim in 4B, AT quadrata 4 E, 4Z,

A z et in 4 Z figura describatur [I p. 137
[ not. 1], et ZI' ad H producatur.
A et quoniam 4B in I'" secundum ra-
O 157 tionem extremam ac mediam diuisa
p est, erit AB>X BI'= AT [VIdef.3.
I” VI,17). et 4B>< B =TI'E, 4AI*
= 76, itaque 'E= Z®. et quoniam
BA=2A44, ¢t BA=KAd, A4

K H f = 40, erit etiam K4 = 246, ue-
rum KA4: 4@ =TK:I'® [V], 1]. itaque 'K =2TI@.

Ad] mg. postea add. m. 1 P. 10. A4 q et corr. ex 44 V.
11, -oav] eras. P. 4r'] in ras. m, 1 F. TETQUY VOV
Vaq. 12. év] 76 év P. 6] om. P. 18. én!l] corr, ex
énel m. 2 P. 15. AB, BI' q et m. 2 V. éotiv loov BV,
16. 4B, BI' m. 2 V.  a=d] om6 q. 20. TK] KT P,



10

16

20

»
o

250 STOIXEIQN .

dumidaiov dga 10 'K 10D I'®. elol 6% xal o A6,
OrI dumhdowe zov I'®. loov dga 16 KI' zolg 46,
OI. #0ely®n 0t xal v0 I'E 16 @Z lgov* Siov Goa
16 AE tergdyovov loov éorl td MNJE pvapove. xal
énel Oumdij éoviv § BA tijg A, vergamdaciov dort
10 ano Tijs BA vob amd vijg Ad, vovréori 1o AE -
to0 A40. loov 0t 10 AE v MNJE pvopove: xel 0
MNP &ga yvopov tetgamddoids ot tov 40 Slov
doa 10 AZ mevvamddowoy €ote tod AO0. xal 6T TO
utv AZ o ano tijg AT, ©6 0t A0 76 amo tig 4A4°
70 &g ano vijg I'd meveanddoidv éore vob and vig AA.

‘Eav doa e0fslu dxgov xal péoov Adyov tundi,
70 peifov tufjue mgocAafov Tiv fuldsev tTiHg Oing
nevrawddoioy dvvarar ToU GWO TG NULOElHS TETQG-
yovov: Omeg e deifar.

g

'Eav svdela yoapun rufjpatog éxvris mev-
taxdaciov dvvnrar, 1Hg diwAadiag Tov &(Qn-
pévov tufuatos &xgov xal uéGov Adyov Tepvo-
pévng vd peifov tufue vo Aoiwoyv uégog éorl
tijg € doyfic evPelusg.

Evdeia pag yoapun ) AB wwipevos favriig tov
AT mevvamddoiov dvvaodw, tijec 08 AI dumdyj éorw
n T4 Xéyw, 0u vijg I'd dxgov xal péoov Adyov Tep-
voudvng o usifov ruijud éotww 4 I'B.

‘Avaysyodgpdm yag ap’ Exavépag tov AB, I'd
rerpdyove ve AZ, I'H, xal xereyeyodpdo év vd

1. K P. Hic in P litt. X saepius in H renouatum est
manu x. 46] 4 e corr. m. 1V, 2. 109 I'® dinldoic P,
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uerum etiam 4@ 4 @I'=2TI'0 [I, 43]. itaque KI"
=A@ -} @I. demonstrauimus autem, esse etiam
T'E=0Z. itaque 4E= MNJE. et quoniam BA
== 244, erit BA?=444% h. e. AE = 446. sed
AE = MNE. itaque etiam MNJF =440. quare
AZ =540. et dZ = AI*, 40 = 44> itaque
I'4® =544%

Ergo si recta secundum rationem extremam ac
mediam diuiditur, quadratum maioris partis adiuncta
dimidia parte totius aequale est quadrato dimidiae
quinquies sumpto; quod erat demonstrandum.

1L

Si quadratum lineae rectae quadrato partis eius
quinquies sumpto aequale est, duplo partis illius se-
cundum rationem extremam ac mediam diuviso maior
pars reliquum est rectae ab initio sumptae.

nam sit AB? =5A4I" et I'd = 24T dico, recta
I'4 secundum rationem extremam ac mediam diuisa
maiorem partem esse I'B.

construantur enim in utraque 4B, I'd quadrata
AZ, TH, et in AZ figura describatur, et producatur

'K BVq. 3. 26 BV. élov] om. P. 4. Post
MN [ eras. tsrgaydyep (comp) b. 5. 4B q. oy P.
6. tovtéony B. 7. 48] e corr. V, 40 P et B sed corr.

8. doo] om. P. yvapoy oo b. dorv P, 40] corr.

ex A® B, 46 q et in ras, V; item lin. 9, 10. 9. dori]

(alt.) domv PB. 10. I'd B et V, sed corr. m. 2.  11. éouw
13. 7] e corr. m. 1 q. 14. dvwioetar BVbq.

23. dvvelcdo b. 27. %o év P.
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AZ o opjue, xel dufy®w % BE. xol émel mevia-
mAcoLov dore ©o amd vijg B.A tov and vijg AT, mevia-
#nAdGi0v €6t 10 AZ tov A®. 7tergamAadiog &ox O
MNE yvopov 1ov A46. xal éxst dimdy éovw 5 AT
vijg I'd, tergamAdoioy dga éotl 0 ano AI tov amod
I'4, vovtéov. ©o T'H 100 A®. eiydn 0t xal 0 MNE
yvouoy terganicoiog tob A@* leog dga 6 MNJ5 pvo-
pov té TH. xal éxel dimdij édovww o AT =g T'A4,
len 0 v v AT =y T'K, % 8t AF zfj I'® [duwhs
doe xal ) KI' vijg I'®), dimdaoiov doo xal 10 KB
tov BO. s&lol 0% xal ta 4@, @B o7 @B dimidoie:
loov doo 10 KB toig A®, @B. &delydn 0 nal Glog
0 MNE yvduov 8ip vé I'H loog" xal Aouwdv doo
0 @Z ©e BH éotw loov. xai éove to uiv BH 70
vno tov ['AB* loy yag 1§ I'd tfj AH' 16 6t OZ 1o
ano zijg I'B* ©6 doa vmd tdv I'dB isov éotl v
ano vijg I'B. &6rw &ga @g 7 AT mgog =qv I'B,
ottwg 1) I'B mpds v Bd. ueifwv 0% 1 AT vijg I'B*
pelfov aoe xal § I'B tijg Bd. tijg I'd dga ebdelag
dxgov xal péoov Adyov tsuvoudvng o pelfov Tuijud

éouww n T'B.

'Eav doa e0dsia poeups) turjparog éavrig mevva-
ndaciov dvvyrat, viig dimAaciag Tov elonuévov Twy-
patog Gxgov xal uésov Adyov vsuvopévyg o meitov
tufjue ©0 Aowwov uégog éfotl tijg éE doyis &vPelag
Omeg 38 Ostiau.

1. ©é] om. Pb. 5. dmd] om. b, dno ziig BVq.  dnd]
axo tijs BVaq. 6. tovtéouv P. 7. Ttroamldciog — yvoi-
pov] supra m. 2 B. 8. I'4] corr. ex 44 m. 2 B, 9. Oc-
niy — 10. I'®] mg. postea add. P m, 1. 10. XK'} 'K P.

11, eloév P. elof — OB (alt.)] et in textu m. 1 et mg.
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BE. et quoniam BA®=5A4T%, erit AZ=05406. .
itaque MNJ5 =446. et quoniam JI' = 2TI'4, erit
AT* =4T'4%, h. e. TH= 446, demonstrauimus
autem, esse etiam M N5 ==4 46. itaque MN 5 = IH.
et quoniam AI'=2I'4, et AI'=TK, AT'=1TI0, erit

etiam KB=2B®[V],1]. uerum
4 Z etiam 4® 4 @B =268 [],
’ 43). itaque KB — 46 + O B.
demonstrauimus autem, esse
etiam MN5 =TIH. quare ®Z
=BH. etBH=I4> 4B
B 4 (nam I'd= AH), ®Z —=T'B"
itaque erit ' >< 4B = I'B?,
est igitur 4T: TB=TB:BA4
[(VI, 17]. est autem 4I">TB
X E [u. lemma). quare etiam I'B
> B4 [V, 14]. itaque recta
I'4 secundum rationem extremam ac mediam diuisa
maior pars est I'B,

Ergo si quadratum lineae rectae quadrato partis
eius quinquies sumpto aequale est, duplo partis illius
secundum rationem extremam ac mediam diuiso maior
pars reliquum est rectae ab initio sumptae; quod
erat demonstrandum.

SR

m. 2 B. Suxlocie o6 BO BV, B] (alt) B® b,

Simldooy q.  J2. loov — O B] mg. m. 2 zoig] Tov b.
6%0g] corr. ex Glov m. 1 P. 14. écm-v P, 16. I'd,

4B q. 4H)] BH b. 7] (alt.) mutat. in zé m. 1 q.

16. éotly P. té] corr. ex 76 m. 1 P. 19. I'd] ante T

del. 4 m. 1 b. 25, dotiv P. 26. dmeg £0:1 Seikar] 0): -

b, om. BVq.
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Ajppe.
Ove 6% 3 8umddj tijg AT peiltowv dotl vijg BT, ovrmg
deuxzéov.
Ei yag wi, f6rw, & Ovvarév, § BI" dumdy tijg
8 I'd. rvevgamidaiov &ga o and tiig BI' tod amo tijg
I'4" mevrvamdaoia &po va amo tdv BI, ' tod amd
tije I'd. vmdxavar 0% xel vd and i BA mevva-
wAdaiov tot amd tijg I'd* ©0 &ga awd i BA igov
ozl tolg dnd vy BI, I'4d* Smep advvatov. ovx dpa
10 § I'B dimdaale éotl tijg AI. Opolwg Oy dsltoucv,
01t 000t 1 éAdtroy tijg I'B dumiadiov éotl vig I'4*
noAAG yao [ueifov] zo &romow.

‘H édga tfig A" Sumdij peltwv éotl viig I'B* Gmep
&0ar Ostbou.

15 y.

'Edv evdsle pyoapuy &xgov xal uicov Adpov
tundf, 10 édacoov Ttufjua meosiafov Tyv ful-
cecav tov pelfovog Tunfuarog mevranidgiov 0v-
vatar 70D axd tijg qpioelag tov psilovog Tuij-

20 aTog TETQAY@VOU.

Eb9ste ydgp mig 7 AB &xgov xel pédov Adyov
rezunode xarva vo I' enuelov, xal fotw peifov tuijpa
t0 AT, xel tezujode 7 A diye xeve 10 4° Aéyw,
0tL meviamwddoidy €6t To and tijg BA tov and vijg AT

25 Avaysyodepdo yop dmd Tijg AB tetgayawov 70
AE, »al nawyeygatpﬂw dumdotv to Gxnua émel é‘mlq
dovww 1 AT vijg AT, vevgumddooy dou TO AmO THS

1, ifjupe] om. codd. 2, dotr P.  ovro B. 10. BT
P.  &imlaciov P.  dosiv B. 11. %] ow. B, ins. m. 1 b,
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Lemma,?)

Esse autem 2 4I'> BT, sic demonstrandum.

Nam si minus, sit, si fieri potest, BI' == 2I'4. ergo
BI'*==4TI4% itaque BI'®* 4 I'd® = 5I'4% uerum
supposuimus, esse etiam BA®* = 5I'4% itaque BA?
== BI'* 4 I'4%; quod fieri non potest [II, 4]. itaque
non est I'B = 24T, similiter demonstrabimus, ne
minorem quidem recta I'B duplo maiorem esse recta
I'4; multo enim magis absurdum est. ergo 24I'> I'B;
quod erat demonstrandum.

1II.

Si linea recta secundum rationem extremam ac
mediam diuiditur, quadratum minoris partis adiuncta
dimidia maioris parte aequale est quadrato dimidiae
maioris partis quinquies sumpto.

Nam recta 4B secundum rationem extremam ac
mediam diuidatur in puncto I, et maior pars sit 4T,
et A in 4 in duas partes aequales diuidatur. dico,
esse BA3 =541,

construatur enim in 4B quadratum A E, et figura
duplex describatur. iam quoniam AI' = 24T, erit

1) Dubito, an hoc lemma genuinum non sit. neque enim
opus est, et dicendi genus lin. 11 paullo insolentius est.

supra m. 2 V. I'B] B’ BVq.  durlaslwy] in ras. V.
Dein add. dee B. Zovéy PB. 12 peifor] om. P.  13. {otly
B. 18. tprjparog] om. q. 21. g 7] corr. ex zijigc m. 2 P,
23, 76] (prius) ) Vq.  24. tod] zoig q. = 26. Simiovv] om. BVhaq.
orijpa Simloty bq.  xal émed BVbeq, 27, terounldoiov —
p. 266, 1. 4I'] om. b. :
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AT ©ob ano vijg AT, tovréent ©0 PX vov ZH. =xal
énel 10 vmd tdv ABI loov éotl 16 dmd vijg AT, xel
éott 16 vmd vév ABI v6 T'E, ©6 aga T'E i6ov éorl
166 PZ. vergomldeiov 0% vo PX vov ZH' tergamia-
gwov &po xel to I'E vovo ZH. mdlw émel lon fotly
% Ad «fj AT, ioy éotl xal 7 OK o} KZ. dove xel
70 HZ retgdyovov igov éotl 16 @A tergoydve. loy
dga 7 HK vfj KA, vovvéorw 4§ MN vfj NE* dove ol

‘%0 MZ +6 ZE édotw loov. alle ©0 MZ ¢ I'H

10

156

20

25

dotwv leov' xal v I'H &oo ©6 ZE éoriv loov. xowdv
npooxeledw 1o I'N* 6 &oa EOIT yvauwv loog éotl
tv¢ T'E. élde ©0 I'E tevgarwiaaiov &0elydn vod HZ:
xel 6 FOII &pa yvouwy revoamdasids éore vov ZH
rergaywvov. { EOII doa prvouwyv xel o ZH rergd-
yovoy mevvamdaaids éote tov ZH. adde 6 EOIT
yvopwoy xal 10 ZH tergdyovév déte ©o AN. xal
éoti ©vd utv AN 16 amd vijg AB, ©6 0t HZ 6 amd
s AT, ©b &pa ano v 4B mevramidody éote Tod
and tig AI'" Omep Eder detbou.

8.

Eav evfcta pyoapuy dxeov xel péeov Adyov
Tundf, 1o and vig 0Ans xal zov éAdooovog Tuj-
paTOZ, TX CVVAUPOTEQY TETQAYOVE, TQLTAdG LY
é0t. tov amd ToD peilovoeg ruruaros Teroa-
ydvou.

*Eorw e0dsia 7 AB, xol vsrpjode dxgov xel uisov
Abpov xare 7o I, xal Zoro peifov tuipa 6 AT

1. T4V, 3. tav] a0 b. Post prins I'E add. 7o J%

, dmo zijs AL 76 (vé V) PX Vbq, Bm. 2. 26 doo — 4. PX)
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Al =44T% h.e. PX=4ZH. et quoniam 4B>< BI'
= AT [VI def. 3. VI, 17] et 4B>< BI'=T'E, erit
TFE=PX. sed PX=4ZH. quare etiam 'E=4ZH.
rursus quoniam A4 = AT, erit etiam @K = KZ.

y 4 r p quare etiam HZ = @4, est

igitur HK = KA, h. e. MN

PRy == NE. quare etiam MZ=2ZE.

p—X M sed MZ=TH. quare etiam
o I'H= ZE. commune adiicia-

] 7 ¥ tur I'N. itaque §OITI =TE.

| demonstrauimus autem, esse
‘ IE=4HZ. itaque etiam
EOIl =4ZH. quare 50
4+ ZH=05ZH. sed EOII4+ ZH= AdN. et AN
= 4B HZ = AI® ergo AdB*=>54TI"; quod erat
demonstrandum.

B
A = E

Iv.

Si recta linea secundum rationem extremam ac
mediam secatur, quadratum totius et quadratum partis
minoris coniuncta triplo maiora sunt quadrato partis
maioris.

Sit recta 4B et secundum rationem extremam ac

(prius) om. V. 6. dorty P. 8. 7] (alt.) rijt, ¢ in ras. m,
1P. 9. dlld — 10. looy (prius)] postea. ins.m. 1P,  11. N
TH? q. forar b, 12. HZ] corr. ¢ex ZH q. 13, doa

om. P. éoniv B. HZ BVbgq. 14. rerpaywwvov] om.
Bbg, supra m. 1 V. 6 — ZH] o aetx 4N Theon (BVbq;
N e comr. V, 4H q). 15. nswanl.amog] - e corr. m. 1 P;

-6toy BVbq. ZH vevpaydvoy BVbq. — dlid — 16. dN]
om. Theon (BVbqg). 16. éoviv P. 17. donv B. 4H q,
corr. m. 1. 19. I'a P. 22. ictrovos P. 26. 6T — ol
(prius)] sdfeia yoo yoopus % AB V.

Euclides, edd. Heiberg et Menge. 1V. 17

- -
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AMyw, 6t ta and 1év AB, BI' rpumidow: €6t TOU
ano g I'A.

‘Avayeygigpdo yag amo tig AB Tergaymvov To
AAEB, xal xavayeyodgpdo o oyfjuc. émel ovv %
AB angov xal péoov Adyov térunrer xeva vo Iy xal
o ueifov tufud dotiw § AT, ©o dpa vmd v ABI
loov éoti 6 amd vijg A xal éove ©o plv =m0 eV
ABT 10 AK, ©o 0% and viig AL ©d6 @H' loov Gpu
éoti 10 AK v OH. xal énel loov éovl ©0 AZ 16
ZE, xowdv mgooxsiofw ©0 I'K® 8ilov dpe 760 AK
8lo t9 I'E éotwv loov' ta &eae AK, TI'E tov AK
éori Oimiacia. dAAe 1@« AK, TE 6 AMN pvadpov
dorl xal to 'K revgayovov: 6 dpe AMN ypvauov
xal 10 'K terpeywvov Simddowd éore tov AK. dlia
pqv xol 0 AK 1o OH elydn loov: 6 dpae AMN
pwopoy xal [t0 T'K terpdyovoy dimideid Zove tod
®H' deore 6 AMN pvapev xal] ¢ 'K, OH tsrod-
yove toimddoia éoti tov O H vergaywvov. xal 6Ty
0 [utv] AMN ypvopov xel te I'K, @ H rsrgdyova
6iov 70 AE xal vo 'K, dmep éotl va &nwd rdv AB,
BT zergdyave, to 02 HO td axd viig AT tevpdyovov.
te doa amd tov AB, BI tergayove tgumdacid éoti
100 ano tig A rergaydvov: dmsp £0s detkar.

’

&
'Exv sv8cla yoappy &xgov xal uédov Adyov

tundf, xal mgooTsdy avry Loy e pellove Tuyj-

pate, 7 64y ev8ela Exgov xal péoov Adyov Té-
1. ro:imiacsiovd q. 8. Ante dvay. del. xa/ m. 1 b.

6. T onueiov V. 7. éaz(] (prius) deciv P. 8. AK] K
corr. m. 1 ex B P. AT} AK V. 9. ©H)] 6 e corr. m.
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mediam secetur in I, et maior pars sit 4I. dico,
esse AB® -+ BI™ = 3I'A4%
construatur enim in 4B quadratom A4 AJEB, et
describatur figura. iam quoniam 4B in I" secundum
rationem extremam ac mediam secta est, et maior
pars est AT, erit 4B >< BI'= AT [VI def. 3. V],
17]. et AB><BI'=AK, AI'?
“ L P —oH. itaque 4K =@H. et
ST y quoniam 4Z = ZE [1, 48], com-
o / % _|g mune adiiciatur I'K. itaque 4K
4 /% ;| =TE. ergoAK+TE=24K.
N sed 4K+ T'E= AMN 4 I'K.
itaque AMN +TK=2A4K. de-
monstranimus autem, esse etiam
AK=G0H. itaque AMN-+4I'K
+ ®@H =36H. vernm AMN4TI'K -+ 6H = 4E
+ I'K = AB® 4+ BI? et HO® = AI*. ergo AB?
+ BI'®* = 34TI?; quod erat demonstrandum.

4 H A

V.
Si recta linea secundum rationem extremam .ac
mediam secatur, et ei adiicitur recta parti maiori
aequalis, tota recta secundum rationem extremam ac

1b. dotiv P. 10. mgooxelodm xovoy BV, 1. TE] T
b. Yooy dotl V. 12. yvapoy — 18. AMN] bis b.
14. domy P. 15. piy xal] om. q. 16. 6 'K — 17. »al]

om. P. 16, Simlacioy V. 17. H — AMN]) in ras. m.
14q. 18. dixlacia b. tmddoie — 19. tereayave] l)ls P,
corr. m. 1. 19. pév] om. P (etiam in repet.). 20. meg

P. éotiy PB, e} om. b. 22. dimlaota b. doriy
P. 26. moorsdj q.  td — 27. ev&ua] mg. m. 1b, in textu:
©é i@ Turjuee loy e00ein oln. 27. 6in 5 BV.

17%*
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tunroae, xal vo peifov Tujud éotiv 1 €E doyde
evdeia

Eddeta pag yoapuy % AB dxgov xal uésov Aoyov
terpjefo xare to I' onueiov, xal éorw peilov tuijuc
9 AL, xal t AT ey [xelobw] 5§ Ad. Aéyw, ou
7 AB ebdeia dxgov xal ye’o‘ov ).67011 u’qmmz xota
10 A, xal ©d psitov Tuqud fovw 4 & doyie evdela
n AB.

‘Avaysypdpdn pog dmo tig AB tevodyovov TO
AE, ol xavayspodpdo to oyfuc. éwel 17 AB &xgov
xal uésov Adyov térpnrew mare o I, ©0 dga Umo
ABI loov éoti te amd AI. xal ot ©6 pdv V™o
ABI 6 TE, 16 0 ano wijg A ©0o '@ ioov dou
0 T'E ©¢ OI. aAde td ptv T'E loov éorl ©0 OF,
76 0t O loov ©6 4O xal 1o 40O &g loov éori T
OFE [xowdv mgooxsi6dw 1d @Bl Giov dee 10 AK
0o 1 AE Zorwv loov. xai éove vd pdv AK o Omo
tiv Bd, 44" loy peg 9§ A tij A4 ©o 8¢ AE
70 amd vijg AB' ©d &pa vmo tdv BAA leov éorl v
ano tig AB. #onwv dpa g 1 4B meds v BA,
ovtwg 4 BA meog vy Ad. pellov 6% % AB rijg
BA" pelfov doa xel 7 B A vijg Ad.

‘H &ga 4B axpov el uéoov Adyov térunrer xore
t0 A, xal ©o peifov tuiud oty § AB* Omeg e
dcior.

8. %) 5t b. 5. »x&lodw] om, P. 6. 4dB] Ad b.
7.9] om. q. 7 — ed@eie] om. V. 8. 4 B] supra scr. 4
m. 1b. 9. avaysyeye. P, corr. m. 1. 10. énel yap BV,

12. tév ABI' V. dx6] corr. ex dxd m. 1 P. Tiis
AT V. doriv P. 18. twy ABI' V. rej er P.

14. ®T'] corr. ex 'O m. 2 V. 16. ®I') @ e corr. V.
16. xotvoy — @ B] postea add. m. 1 P. O B] & e corr. b.
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mediam secta est, et maior pars est recta ab initio
sumpta.

Nam recta linea 4B secundum rationem extremam
ac mediam in puuncto I secetur, et maior pars sit 4I"
et 44 = AI. dico, rectam 4B secundum rationem
extremam ac mediam in A sectam esse, et partem
maiorem esse rectam ab initio sumptam 4 B.

construatur enim in 4B quadratum AE, et de-
scribatur figura. quoniam 4B in I' secundum ratio-
nem extremam ac mediam secta est, erit 4B >< BI'
= 4TI [VI def. 3. VI, 17). et 4B><BI'=TE,
AI* =1T@0. itaque 'E=@I. uerum GE=TE
{1, 43}, 46 = OI. quare etiam 4O — @E. itaque

4 A I' B
. .
4 ] “’K
g

AK = AE. et AK =B A > AA (nam A4 = 4 4),
AE = AB2 erit igitur B4 >< 44 = AB% itaque
AdB:BA=BA:Ad4[V] 17). sed 4B> B A. itaque
etiam B4 > 44 [V, 14].

Ergo 4B in A4 secundum rationem extremam ac
mediam diuisa est, et maior pars est AB; quod erat
demonstrandum.

18. 4] 44 q. d4] corr. ex A4 m. 1b. 19. 76 doa
— 20. 4B] om. q. 20. dB] 4 corr. ex 4 m. 1 b.
22, B 4] Slt)ABV 4B B, B4 bq. 23. B4 BV.
26. Seq. alia demonstratio et analysis propp. I—-V in bq; u. app.

P
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By ev®ela ¢nrn axgov xal pmécov Adyov
tun ¥y, Exaregov Tdv Tunudrtey dAoyds é6Tiv
7 xadovpévy amoToui].

"Eote e0dela ¢yry 7 AB xel tetpijede dxgov xal
uéeov Adyov xave o I, xal &ove psifov vufjue 3
AT éyw, ov éxaréga tév AT, I'B &hoydg éomiv 4
xadovuévy amorour].

"Exfefinodeo yeo n BA, xal xelodw tijg BA qui-
oste 9 AA. émsl ovv e0Bsie 7 AB téunrar dxgov
xal wéooy Adyov xeve 0 I, xel té pelfove tunuare
t63 AT mpboxeivas §§ AA fpicsie ovea tijg AB, 7o
Goo ond I'd tov dmé A4 mevramddody éotw. To
doa amnd I'd mgog 10 dmo AA Adyov éyet, Ov agidpdg
medg deududv: cvuuergov doa 10 amd I'd tg amd
dA4. ¢nyrov 0 vo and AA* gy pig [dovw] 1) A4
nuicae ovow tijg AB nrijg oveng nrov doa xal To
and I'd: ¢nryy doa éotl xel ) T'd. xol émel 1o dmod
T'd modg 10 amd AA Adyov ovx EqsL, Ov Tergdywvog
apuduog meds TeTpdywvov agududyv, dovuustoog Fea
wixes § I'd ©ff AdA" of T'd, 44 &oa ¢yral elow dv-
vaueL udvov Gvupergol’ amovouy Gee forly § AT
nodw, émel § AB dxgov xal péoov Adyov Térunras,

Hanc prop. om. bgq. 3. £6.m] mg m. 1 V. 4. dmo-

zop7]] ¢rry B, corr. m. 2. 7. AT] I' in ras. m. 1 P,
4B, BI' B, corr. m. 2. 9. #xPeflicdw]  corr. ex g m.
2 B. tiig] 7 B, corr. m. 2. 10. tétpnrar] om. V.
11. 2éyov térunrar V. 13. zijg T'a V. tiig dA V.

éote BV, 14, tijg I'a V. meog] supra m. 1 P. 0] in
ras. plurinm litt. m. 1 P. tig 44 V. 16. A4 bis P.
énty V. 6.9’} in ras. V. 16 — ydg] om. V.  édotiv] om.
b. 18. ¢tlv B. 21. slowv PB.
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VLY

Si recta rationalis secundum rationem extremam
ac mediam diuiditur, utraque pars irrationalis est apo-
tome quae uocatur.

Sit recta rationalis 4B et secundum rationem ex-
tremam ac mediam in I' diuidatur, et maior pars sit
ATI. dico, utramque 4I, I'B irrationalem esse apo-
tomen quae uocatur.

d 4 r B

| R ) |
¥ I 1

producatur enim B.A et ponatur 44 ="1,B4.
iam quoniam recta 4B in I' secundum rationem ex-
tremam ac mediam diuisa est, et parti maiori 4I" ad-
iecta est 44 dimidia rectae 4B, erit I'd® = 5442
[prop. I). itaque I'4® ad 4A4* rationem habet quam
numerus ad numerum. itaque I'd? et 44* commen-
surabilia sunt [X, 6]. sed 442 rationale est; nam
dA, quae dimidia est rectae rationalis 4B, rationalis
est. itaque etiam I'*® rationale est [X def. 9]. quare
I'4 et ipsa rationalis est. et quoniam I'd? ad 44%
rationem non habet quam numerus quadratus ad nu-
merum quadratum, I'J et 44 longitudine incommen-
surabiles sunt [X, 9). itaque I'd, 4.4 rationales sunt
potentia solum commensurabiles. itaque apotome est
AT {X, 73]. rursus quoniam 4B secundum rationem
extremam ac mediam diuisa est, et maior pars est

1) In P in mg. add. m. 1: todz0 t0 Fedonue év roig mlel-
oroig tiig véwg éxdddewg ov glostar, dv O toip tTig malwds
gvgloxetar. de q u. app.
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xol ©O peitov tufud doriv n AT, 10 &po vmd AB,
BI' 1 amd AT loov éovly. 7©o dge amd tig AT
amoroutis maga v AB ¢yriy magefindiv midrog
mowel Ty BI'. 10 0% an( amoroudjs mwega ¢nriy mepw-
5 faAddusvov mAavog moisl dmorouny WEWTNY' dmoTOUT
dgo mpawty éotly 7 I'B. 0elydn 0t xal §) I'4 axotouy).
"Eav éga evdsie fyuy dxgov xal uésov Adyov Tundy,
éndregov TOV TURMETEOY GAoydg domww % wadovuévy
amovout]’ Omep &0 Osifa.

10 ¢,

‘Edv mevrayovov [Gomisvoov al toelg pa-
vier foe al xata vd éEg 7 al py xeve vo éEfg
leaL G0y, (Goydviov é6TaL 1O mevTdymvow.

Ievrayovov yag (oomisvgov 1o ABI'AE ol toeis

15 yovioe weoregov of xeve vd éEfg af meog tols 4, B,
I’ lear adlfieg éotwdav' Adyw, dr looyavidy éome
10 ABI'4E mevrdyovov. -
Enstevydwoay yop of Ay, BE, Zd. xel émel
dvo of I'B, BA dvol tais BA, AE iloa slolv éxa-
20 téoa éxaréoe, xel yovie 7 vmé I'BA povig tf vmd
BAE éovwv loy, Pacig doa 1) AT faoe vij BE édrv
lon, xel 70 ABT tolyovoy t¢ ABE touydve idov,
xel af Aowwel yoviaw tals Aoxaly yovieg loas EGovtal,
V9’ dg afl loww misvgal Umorelvovolw, N uiv UmO
26 BI'4 tfj vn6 BEA, % 0% vnd ABE tjj vmé '4B-
dore xol mlevga 1 AZ mheved ty; BZ éovww lon.
&0slydn Ot xal 8An m AL 8Ay tfj BE lon xal Aomy

1. Ante xef add. xate o6 I' V. ABT' V. 2. dott
BV. 4. dmotouijg] dmo- supra scr. m. 2 B. 6. I'4] A" BV.
7. énup — 9. deifau]: ~ BV. 8. &loyov P. Seq. in
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AT, erit AB>< BI' == AI"® [VIdef. 3. VI, 17]. itaque
quadratum apotomes AI" ad 4B rationalem adplica-
tum latitudinem efficit BI. quadratum autem apo-
tomes ad rationalem adplicatum latitudinem efficit
apotomen primam [X, 97]. itaque I'B apotome est
prima. demonstranimus autem, etiam I'4 apotomen esse.

Ergo si recta rationalis secundum rationem ex-
tremam ac mediam diuiditur, utraque pars irrationalis
est apotome quae uocatur; quod erat demonstrandum,

i VIL

Si pentagoni aequilateri tres anguli, siue deinceps
positi sunt siue non deinceps, inter se aequales sunt,
pentagonum aequiangulum erit. )

Nam pentagoni aequilateri 4 BI"4 E prius, qui dein-
ceps positi sunt, tres anguli 4, B, I' inter se aequales
sint. dico, pentagonum 4BI'JE aequiangulum esse.

ducantur enim AI, BE, Z4. et quoniam duo
latera I'B, B4 duobus lateribus B4, AE singula
singulis aequalia sunt, et [ 'B4 = BAE, erit AT
= BE et A ABI' = ABE, et reliqui anguli reliquis
angulis aequales erunt, sub quibus aequalia latera
subtendunt I, 4], L BI'4 = BEA, [ ABE=TAB.
quare etiam 4Z = BZ [I, 6]. demonstrauimus autem,
esse etlam AI == BE. itaque etiam ZI'= ZE.

P altera demonstr. prop. V et analysis prop. I—V, in BV
analysie prop. I—V; u. app. 10. ¢'] om. b, qui hinc nu-
meros propp. om., 12. 7j7ot] ?' V. 7 el — %&ﬁc] om. q.

7 af] in ras. m. 1 B.  16. éorv P. 18, -yfmoay — 19,
AE] mg. m. 2 B, sed etiam m. 1 in textu, om. BE — I'B.
19. 3v0] af 8vo P, 22. foov éotl q. 26. BI'4] I'4 in
ras, V, BAI' B.
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doa § ZI Aounfj ©ij ZE dovwv loy. Eom O xal 73
I'd ©jj AE ion. 8Y%o Oy ol ZI', I'd Svel raic ZE,
Ed loaw elotv: nal Pacig atrav xowny § 24" yovie
dga n Vw0 ZI'd yovig vfj vnd ZEA devvy lon. 0elydy
0t xal §) Ym0 BI'A ©jj Ond AEB loy' xal 8in &ge
n twd BI'Ad 8iy v vmo AEA loy. aid’ % vmd
BI'4 ley vmdxerron valy mpog tols A, B poviug: xal
7 w0 AEA &ga taly meds vois 4, B ywvimg ion
dotiv. oOpolwg On deftouev, 01t xal %) vmd F'dE yo-
vie lon dotl tals medg vois 4, B, I' yavias (Go-
yoviov &oo éovl 10 ABI'AE msvraymvov.

‘AAde 0y uy Eorocay loar af xara vo itfg yovia,
all’ forweav low of mgog wols A, I', 4 onuelows:
Adyo, Ot xual olrawg [(soywvidy éove ©6 ABIAE
TEVTAP VOV

‘Enetsvydo yop ) BA. nal émel 000 of BA, AE
ovel vaig BI, I'd loaw elol xal yovieg loag megi-
éyovew, Paaig doa 7 BE fdace tfj BA ioy deriv, xal
70 ABE tolyovov v BI'd touydve loov oriv, xal
of Aomal povie rely Aowwals yoviag leow EGovrau,
v’ dg af l6aw mwAsvgal vmorelvovew: lon dea éotiv
7 vwo AEB povie 5 vwd 4B, &t 0% xal 7
6 BEJ pavia tf; vnd BAE lon, émel xal mAevoa
% BE mleveg vij BA éovwv loy. xal GAy &oa n Umd
AEA4 yovie GAy v vwd T'AE éovwy loy. alda 7
tm6 TAE vaig modg voig A, I' yawiog vmoxnetver lon’

1. dorwy lon — 3. EJ] bis b, 1. #orv B. 8. alal
Vb. 6. xa{] om. BV, 6. dotv lon BV,  dlle BVaq.
7. BI'd] sic, sed mg. m. 1 ’'4E b, yovlag] om.

BVb. 8. voig] tovs q. Post B add. I q et supra m.

1V. 10.T7) om. B, supram. 1 V. 11, ¢zfy B, om. V.
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uverum etiam I'd = JE. itaque duo latera ZI, I'a
duobus lateribus ZE, EA aequalia sunt; et basis
eorum communis est Zd4. itaque [ ZI'd = ZE4
[I, 8]. demonstrauimus autem, esse etiam [ BI'A4
= AEB. quare etiam [ BI'4 = A EA. supposuimus
autem, angulum BI'4 angulis
ad 4, B positis aequalem
esse. itaque etiam [ AEA
angulis ad 4, B positis
aequalis est. iam similiter
demonstrabinrus, etiam angu-
lum I'd E angulis ad 4, B, I"
positis aequalem esse. ‘ergo
pentagonum 4 BI'4E aequi-
angulum est.

iam uero anguli deinceps positi aequales ne sint,
sed aequales sint anguli ad puncta 4, I', 4 positi.
dico, sic quoque pentagonum aequiangulum esse.

ducatur enim B4. et quoniam duo latera BA,
AE duobus lateribus BI, I'4 aequalia sunt et aequales
angulos comprehendunt, erit BE = B4 et A ABE
= BI'4, et reliqui anguli reliquis angulis aequales
erunt, sub quibus aequalia latera subtendunt [I, 4].
itaque [ 4 EB ==I'A4 B. uerum etiam | BE4J = BAE,
quoniam etiam BE==Bd [I,6]. itaque [ 4 EA=TAE,
supposuimus autem, angulum I'JE angulis ad 4, T’
positis aequalem esse. ergo etiam [ 4 EA angulis ad

14, doriv B,  16. imsfevyPooay B. ) of B.  17. slelv PB.

wmegiéyover PVbg. 18, d6t/ Vq, comp. b. 19. 4BE doe
bq !az{ PVq, comp. b.  21. éoriv] om. V.  22. AEB
— I'dB) ABT P. fotwv B. 24, zaf] om. BV,
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xel 5 vno AEA dge yovia vais meog vois A, I' lon
dorlv. O v avra O xel § Vmd ABI loy éoxl
rals moog tolg A, Iy, 4 yovimg. (Goypdviov dow Zotl
10 ABI'dE mevtdpovov: Omep &0e detbar.

7.

‘Ecv mevrayadvov [(GomAevgov xal (dopo-
viov teg xate 1o éEfjg Vo yoviag VxoTElvee Ly
evdeial, dxgov xal pécov Adyov répvovoiy ai-
Affdag, xal ta pellove avrdv tujuare loe éovl
T4} 10D WevTAPBVOV WAEVQQ.

Nevraydvov yag (comisvgov #al (Goywviov Tov
ABTAE Y0 yoviag tag xava vo &Efg tog medg tols
A, B vmorewérwoay ebdslar of AT, BE zéuvovoar
aAdjiag xara 10 @ onuelov Adym, Ot éxetépa alrov
dngov xal upéoov Adyov téruyrer xeve 1o O onuciov,
xol Te pelfove avtdy Tufuare loa ol 1) TOU mevia-
povov mAevQE.

Heguyeypagpdm pag megl 10 ABI'AE mevrayovov
uvxhog 6 ABI'AE. nal énel dvo edfelow af EA, AB
ovel tais AB, BI' loar slol xal yovieg loog megi-
éyovow, Pdog dpa ) BE Paoes vy AL lon éativ,
xal 70 ABE tolyovov v ABI roiydve loov éativ,
xed ol Aowwal yovier tais Aomais yoviog foas Esovra
énarépe énarépg, V@’ dg af loen wAsvgal vmorelvovey.
lon dou éoriv ) vnd BAT ywvie vj} vno ABE" dixdi]

1. yovle &ga bq.  zois] tais b. 2. dotly] dori Vhaq.
lcn’ﬂ lortv B.  8.voig) tor P, dex/) om. V. 4. 3msg
£de. dsilou] om. Bbq. 7. Ymorelvovey Pq. 9. forar q.
16. elolv B, elol V. 20. sloév PB. neQiégovai Vhbq.
21, fot{ PVq, comp. b. 22. éov{ PVbq. 23. feov-
tae) elotv 9. 26. lon — p. 270, 1 BA®] sic b, sed mg. m. 1:
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A, I' positis aequalis est. eadem de causa etiam
L ABI angulis ad 4, I, 4 positis aequalis est. ergo
pentagonum ABI'AJE aequiangulum est; quod erat
demonstrandum.

VIIIL

Si in pentagono aequilatero et aequiangulo sub
duobus angulis deinceps positis rectae subtendunt,
inter se secundum rationem extremam ac mediam se-
cant, et partes earum maiores aequales sunt lateri
pentagoni.

Nam in pentagono aequilatero et aequiangulo

ABIA4E sub duobus angulis
4 ad 4, B deinceps positis rectae
AI, BE subtendant inter se -
E p secantes in puncto @. dico,
utramque secundum rationem
extremam ac mediam sectam
esse in puncto @, et partes
earum Imaiores aequales esse
lateri pentagoni.
circumscribatur enim circum 4 B I'd E pentagonum
circulus 4BI'4E [1V, 14]. et quoniam duo latera
EA, AB duobus 4B, BI aequalia sunt et aequales
angulos comprehendunt, erit BE = AT, et A\ ABE
= ABTI, et reliqui anguli reliquis aequales erunt
singuli singulis, sub quibus aequalia latera subten-
dunt (I, 4]}. itaque L BAI' = ABE. quare [ AOFE

a4

y0. i’cm doa 7 mro ABE wal § AGE aga Sumdi} dov ziis BA®
yoviag éxtos ydo éowe ot ABEO Tysvov. 25. Zotiv) om,
Vaq. yovie] om. g. dimdi doa] om. q.
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dga § vno AGE tijg vmd BABO. ot O xal % vmd
EAT tijg vmd BATL 0umAi], émednmeg nol mepupéosie
N EAT meoupegelag tijg I'B éovi dumdiy lom dgo 7y
1m0 OAE yovia tjj vnd AGE' dove xal ) OF ebdsia
T EA, tovréor. 1] AB donv lon. xal émel lop
éotlv 9 BA e09sia tfj AE, oy dotl xol yovie 7 txo
ABE vjj omd AEB. diAs % 976 ABE tjj dmd BAG
80ely®n lom xal 5 Y0 BEA dga 1} vmd BA® foriv
ton. xoal xowr] tev dvo rouydvey tov ¢ ABE xol
t00 ABO éoriv v Vw0 ABE' Aowwy doo §) Ux0 BAE
yovie Aowngj vij vno A@ B éevwy lon” (Gopdviov &ee fotl
0 ABE volywvov 16 ABO touydve- dvdioyov dge
éotly dg 7 EB moog tyy BA, otvwg 1) AB meds tiw
B®. i6n 0t y BA ©jj E® g dga % BE mpdg iy
E®, ottwg 7 EO® mgdg v O®B. pellov 0t 7 BE
viis E®° psltwv dga xal v E® 15 OB, 1 BE &g
axgov xal uéoov Adyov vérumrer xere t0 @, xal 7o
peifov tufue vo OFE loov éotl ©f) rov mevvaywvov
nwAeved. OSuolog On dslbousv, 6te xal AL éxgov
xal péoov Adyov vérunror xere 0 O, xal 1o pelfov
avtiig tufiue § 'O loov dorl ©ij 100 mevraywvov
nisvoa® Omep &der Oeifou.

a/
‘Eav 5 tov éfaywvov misvee xal % tod
dexayovov rav &lg tov avTdv xvxlov éyyea-
poufver oGvvreddowy, n OAn &eVdsie Exgov

1. Post AOE add. &oa dunli; doru q. Post B46® add.
yaviag' #xtog yde éott tov ABE toyavov Vq, B m. 2,
fouiv PB. 2. émeeds) BV, =ual] supram. 2 B. 8, E4I')
EAT tig q. domy B. 4. BAE] AOE q, ®AE” b,
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=2BA46 [I, 32]). uerum etiam [ EAI' = 2BAT,
quoniam arcus EJI" duplo maior est arcu I'B [III,
28. VI, 33). itaque [ ® /E = 4GE. quare etiam
OE=EA=A4B [I, 6]. et quoniam BA = AE,
erit etiam | 4BE = AEB [I, 5]. demonstrauimus
autem, esse | ABE = BA®. quare etiam [ BEA
= BA6. et duorum triangulorum 4BE, 4B® com-
munis est | ABE. itaque [ BAE = A4@®B (I, 32].
quare trianguli 4BE, 4B® aequianguli sunt. erit
igitur [VI, 4] EB: B4 = AB:B6®. sed B4 = E®.
itaque BE: E® = E® : ®B. uverum BE > E@. itaque
etiam E® > @B [V, 14]. ergo BE in @ secundum
rationem extremam ac mediam diuvisa est, et maior
pars @F lateri pentagoni aequalis est. similiter de-
monstrabimus, etiam A4I" in @ secundum rationem ex-
tremam ac mediam diuisam esse, et maiorem eius
partem I'® lateri pentagoni aequalem esse; quod erat
demonstrandum.

IX.

Lateribus hexagoni et decagoni in eundem circulum
inscriptorum coniunctis tota recta secundum rationem

IX. Theon in Ptolem. p. 181.

AOE] EA® q, AOE’ b, b, tovtéoriv B. 6. BA] 4B bq.
ez{] om. q, d6vlyv B. 7. tfj =60 AEB] mg. m. 2 B.

@il bq. BA®] ABO B, corr. m. 2, 8. &eu] om. P,

oo yovie V.  domww] om. V. 9. lon] in ras. m. 1 b.

10. BAE] e corr. V. 11. 4BO b. doz(] om. V.

12. 4BO] BO in ras. V. 16, &a] Zoxl comp. V. E®)

corr. in EB b et B m. 2. 18. éorly PB. 19. T4 q.

21. Zoriv B.  26. tév] corr. ex w6y m. 2 P.  tov] corr. ex

téy m, 2 P. avtov] om. b,
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xel uéoov Adyov vérunrar, xal vo usifov adrijg
rufjue é6tiv 1) vob éEaydvov mleved.

"Eotw xvxdos 6 ABTI, xol vév &lg vov ABT xv-
xlov éyyoapoudveov oymudrwv, dexaywvov ulv éortm
mievoe 1 BI, ékeydvov 0t 9 I'd, xel ormcov éx’
evdelug: Adym, Ore 1) 6Ay evdeia § BA é&xgov xal
uéoov Adyov térumren, xel 1o upstlov avrije Tufud
éorwv 3 I'4.

Elljpde pag T6 xévrgov tov xvxdov ©o E enuciov,
xoal Emetevydmoav af EB, EI', EA, nal duvjygdo 7
BE nl v0 A. émel dexaydvov (somAsvpov mAevodo
éorwv % BT, meviemdaolov &oa 7 AI'B meoupéoeia
tiig BI' megupegelug® revpamdaciov woa 7 AL megi-
wépsie g I'B. &g 8% 5 AT megupéoeia mods Tow
I'B, otrtwg % 9n6 AEI yovie mgog tyv vmd I'EB*
tevganiaclov &oa 7 vmd AEI wig vmwo I'EB. xal
énel lon % vm6 EBI yovia vy vnd EI'B, % &oa
w0 AEI" yovie dimiacio éotl tijs Umd EI'B. xei
énel loy oviv ) EI' ebdela tff I'd" éxatépe pag
etrdy lon éotl vfj tob Eaydvov mheved vob sls Tov
ABI xvxiov [éyygagouévov]” len éovl xel 7 vmo
T'E4 yovie tfj vno T'dE yoviy' dumdesia toa %
Um0 EI'B yovie tijs Um0 EAT. dAde g 9nd ET'B
dimdacion £0elydn % vmd AEI" tevgamiacia dga 1)
vw0 AET tfg vmé EAI. £0elydn 0% xal tijg dmd
BET tevpomiaoie 1) vmd AEI™ oy doa %) vmo EAT

1. x=el] (prius) corr. ex xare m. rec. P. 7. Post zérunron
add, were vo I’ V, B m. 2. 11. EB b. Ante émel add. ol
BVq, P m. 2. tov dexery. q. 12. ATB] in ras. m. 2 V,
B add. m. rec. b. 13. BI’ — 14. 77ig] om. b. 15. 4ET]

I’ corr. ex B m. rec. b. 16. doo éotiv P. 17. lon éotiy
P. 18. AET'] EAT B, corr, m. 2. Sindaciov V.
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extremam ac mediam diuisa est, et maior eius pars
latus est hexagoni.

Sit circulus 4BI, et figurarum in circulo 4BI'
inscriptarum decagoni latus sit BI, hexagoni autem
I'd, et in eadem recta po-
sitae sint. dico, totam rec-
tam B4 secundum ratio-
nem extremam ac mediam
diuisam esse, et maiorem
partem esse I'4,

sumatur enim centrum
circuli E punctum [III, 1],
et ducantur EB, ET, EAJ,
et BE ad A4 producatur.
quoniam BI" latus est de-
cagoni aequilateri, arcus
AI'B quintuplo maior est arcu BI. itaque arcus
AT quadruplo maior est arcu I'B. sed ut arcus AT
ad arcum I'B, ita angulus 4EI" ad angulum I'EB
[V], 33]. itaque L 4EI' = 4T'EB. et quoniam [ EBI’
= EI'B {1, 5], erit [ 4E'=2ETI'B [I, 32]. et
quoniam EI'=1TI4 [IV, 15 coroll] (nam utraque
lateri hexagoni in circulo 4B I inscripti aequalis est),
erit etiam | TEA=IAE[1,5]. itaque [ ETB=2EAI"
[I, 32]. demonstrauimus autem, esse etiam [ AET"
= 2ETI'B. itaque [ AE = 4 EAI. demonstrauimus

4oty B. 19. EI'] corr. ex BI' m. 2 B, i} ©iis b.
20. dotlv B.  21. dyyoagopévov] om. P.  éoriv B

# yovle 51 V. 22, yovig] om. V, dumds} b. 28. E4T

yoviag b, ETB] B in ras. V; supra scr. E4I’ m. 2 B.

24. AET'] A corr. ex 4 b. 25. AET"] 4 corr. ex 4 m. 2 P.
Euclides, edd. Heiberg et Menge. IV. 18

-~
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zij vmo BEI. xown 6% tév 0¥0 touywvev, tol T&
BETI xal tvo0 BEA, 1) vno EBA yovie: xal Aoumy)
iga 7 vwdo BEA ©fj vmé EI'B éoriv lon® leopdviov
i éatl 70 EBA tolyovov tgp EBI touydve. dve-
Aoyov doe Zotlv dg % 4B medg iy BE, otreg %
EB ngdg v BI. ien 0t 7 EB =ij I'd. &rw doa
&g % BA mgdg v AT, ovrag 7 AT meog wiw I'B.
uelboy 0t 7 BA vig AT uellov doa xal v AT vig
I'B. % BA dpa e09cia &xgov xal uésov Aopov Té-
runron [xewe ©o I'}, xel ©0 peifov tujue avriic éorev
N AI'" Omeg #de Oetbar.

’

[

'Eav elg xVxdov nevrayovorv (6oxievgor -
yoaQij, 1 1oV mevray@vov wisvoe dvvarar Ty
te tob Efayadvov xal tyv 10U dexaywdvov TOV
&lg TOV avToV xUxiov éyypapoudvar.

"Egto xvxdog 6 ABI'AE, xoi &lg 1ov ABI'AE »v-
xAov wevraywvoy ladnisvgov éyyeyoapden to ABI'AE.
Adyw, 8vu 7 vov ABI'AE mevraydvov mhevea dvvaras
v te Tob éfayadvov xal Ty voi Osxaywvov mAsv-
oav tav &lg vov ABTAE xvxdov éyyeagoudvav.

Elljp8e pap 10 xsvrgov Tov xvxdov 1o Z enusiov,
xol émfevydeion 1 AZ dvjydw éni o H onueiov, xol
émetevydw N ZB, xol awd tov Z éml vy AB xd-
devog fpdo f 20, xel dvjpde énl 1o K, sel éme-
tevyPwoay of AK, KB, xal mdiv and rov Z éml
v AK xa®srog fyde0 7§ ZA, xal dujyde éxl o

2. BEI') BEA4P. BEA] BET'P. 4. éor/jom. V.
5. 4B] B4B. 6.I'd] I'supra ser. m. 1 V, gT"'P. 7. mp»
I'BJI'B Bq. 8. dI'](prius) A’ b, I'd B. 9. &gu evdsia]
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autem, esse etiam 4EI'—=4BETI. ergo [l EA'=BET.,
duorum autem triangulorum BETI et BEA communis
est angulus EBA. itaque etiam [ BEA4 = EI'B [],
32). itaque trianguli EB4, EBI" aequianguli sunt.
quare erit [VI, 4] 4B:BE = EB:BI. uverum EB
=TI4d. itaque BA: A= AI':I'B. uerum B4
> dI. itaque etiam A4I'>I'B [V, 14]. ergo recta
BA secundum rationem extremam ac mediam dinisa
est, et maior pars eius est 4I'; quod erat demon-
strandum.

X.

Siin circulum pentagonum aequilaterum inscribitur,
quadratum lateris pentagoni aequale est quadratis
laterum hexagoni et decagoni in eodem circulo in-
scriptorum'.

Sit circulus 4BI'4E, et in circulum 4ABI'4A4E
pentagonum aequilaterum inscribatur 4 BI'4E. dico,
quadratum lateris pentagoni 4BI'4E aequale esse
quadratis laterum hexagoni et decagoni in circulo
ABI'AE inscriptorum.

sumatur enim centrum circuli Z punctum [III, 1],
et ducta 4Z ad H punctum producatur, et ducatur
ZB, et a Z ad AB perpendicularis ducatur Z@®, et
ad K producatur, et ducantur 4K, KB, et rursus a
Z ad AK perpendicularis ducatur Z 4, et ad M pro-

X. Pappus V p. 440, 13. Theon in Ptolem. p. 181.

mg. m. 1 V. 10. xatx to I'] om. P. adtiic tpijua P,
evty q. 11°4T] 4 corr. ex I'm. 1 b.  dmee £dse deibou]
om. q, 0)— b; dmep &8e: ~ B. 15. tév] om, V,

17. el — wdxlov] om. q, &ls avzor V, xvxior om. Bb.
24. nal — Z] bis b.

18% ya
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M, xal émelety®w 7} KN. émel lon éovlv v ABI'H
nequplosie vij AEAH megupegely, v % ABI ©j
AEA4 éovw loy, Aoumy &oa m I'H megupéosie Aomij
vii HA éovw ion. mevvaydvov 0% 4 I'A* dexayovov
dga 5§ I'H. xal énsl lon éotlv ) ZA ©fj ZB, xal
nadevog 1 2O, lon dga xal ) Um0 AZK yovie ti
vmo KZB. dore xal mepupépsie 1 AK =ij KB dorv
toy dumii] doe 1) AB megupépsi tiig BK megupsgelas:
dexaydvov dpa mAsved fotiv 1) AK sodsio. O Ta
avre Oy xel § AK wjg KM éore Oumdij. xol émsl
dumdij éovww 7 AB megupépan Tijg BK megipeoelog,
lon 0t 7 I'd mequpépeie ©ij AB megupegele, OiwAd
doe xal ) I'd megupéoeia vijg BK megupegelns. Eome
0t 7 I'd meoupéoeia xal vijg T'H Oumlij* lon doe 1)
T'H nequpépeie ) BK megupsoeie. dAda . BK g
KM éovi dimiij, émel nol ) KA xal § TH dga i
KM Zove dumdyj. dAAe uyv xal v I'B mepupépeia Tijg
BK megupegelag Eotl dimdyj* lan pag 1 I'B megupéoere
vfj BA. xal GAy &pa 7 HB mepupépaie tiig BM éote
dumdi* dore xal yovie 7 Ynd HZB ypoviag tijg vmd
BZM [éovi) dumds. &ove 6% % vmo HZB xel tijg vmo
ZAB dumisy lon yoeo 1 vmd ZAB v} vwo ABZ. xal
7 vnd BZN épa 5] vnd ZAB éomy ion. xown OF

€

Tév 0vo touywvev, tob ¢ ABZ xal vov BZN, 7

1. nel émel BV, 4. 4H V. de-] supra m. 1 b,
5. éoa] ¥ V. 6, AZK] K supra m. 1 7. KZB yovly
. 9 AK] A corr. ex BV, BK P. asuaymvov — 11, msqi-
geoelag] bis V (in rep. 4K). 9.0uwd] ziig BK. dutq. 11. KBB.
12. I'd] corr. ex I'B m. 2 B. " 18. &y B.* 186. dorv B.
aqag om, b. 17. domiw B. 18. doriy B.  19. 7] corr.
ex Tijg B4 ﬂsgl.tpsgs[a V. 20. HEB q. 21. B"Z'M
b. éo1] om. dozv B. fouv B, 22. ABZ}
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ducatur, et ducatur X N¢ quoniam arcus 4 BI'H arcui
AEAdH aequalis est, quorum 4ABI"' = AEA, erit 'H
= Hd. I'4 autem pentagoni est; itaque I'H est de-
cagoni. et quoniam Z4 — Z B, et Z® perpendicularis
est, erit etiam [ AZK = KZB [I, 5. I, 26]. quare
etiam arcus 4K arcui KB aequalis est [III, 26]. itaque
y A arcus 4 B duplo maior
2 est arcu BK. quare
recta 4K latus deca-
goni est. eadem de
g causa etiam 4 K duplo
maior est arcu KM.
et quoniam arcus 4B
duplo maior est arcu
BK, et arcus I arcui
AB aequalis, etiam
arcas I'd arcu BK
duplo maior erit. ue-
rum arcus I'4 etiam arcu I'H duplo maior est. itaque
arcus I'H arcui BK aequalis est. sed arcus BK arcu
KM duplo maior est, quoniam arcus K4 eo duplo
est maior. itaque etiam I'H arcu KM duplo maior
est. uerum etiam arcus I'B arcu BK duplo maior
est; nam arcus I'B arcui B4 aequalis est. quare
totus arcus HB arcu BM duplo maior est. itaque
etiam | HZB=2BZM [VI], 33]. uerum etiam [ HZB
=2ZAB;nam ZAB=—ABZ. itaque lBZN=ZAB.
duorum autem triangulorum 4BZ, BZN communis

corr. ex AZB m. rec. b, 23. BZN] N corr. ex H m. 2 B;

2
ZBN b, corr. m. rec. 24. BZN] N corr. ex H m. 2 B.



10

15

20

25

2178 ETOIXEIRN ',

vno ABZ yovie' Aowmy ded® 1 Omo AZB louws v
vn6 BNZ éovwv iey: (looydviov &pa Z6tl ©v6 ABZ
tolyovov 16 BZN rouywve. dvaloyov &ga éoriv ag
7 AB evdeie mpdg v BZ, olrws 4 ZB mpog tyw
BN" ©0 &ga vmwo rév ABN loov Zovl v¢ amd BZ.
nwadw émel oy éorly §) A4 tff AK, nown 0% xal xeog
6¢dag 9 AN, Padg & 77 KN face v AN oty
lon® xal yovie dga % vmd AKN yovig tjj 9m0 AAN
dovwv loy. alde 5 Umo AAN v vwd KBN éonv
lon” xal 1 vmwd AKN &ga vfj vmé KBN éovww ion.
xal xowwy rov 0Yo touywvey tob t¢ AKB xol tov
AKN 1 moog 66 A. Aouwy &oa 7 vwd AKB Aocmf
v} w0 KNA éovw len looywviov doe éotl 10 KBA
tolyovov v KNA toupdve. avdiopov dga Z6tiv dg
% BA ed@sta mweos vy AK, otrwg f KA medg v
AN* v dga vmo tdv BAN leov forl v amd wrg
AK. 80slydn 0} xel vo vnd tov ABN loov tg dmd
viig BZ* ©6 Gge vmd vév ABN psve voi vmb BAN,
omsg éotl vo awd vijg BA, loov dotl v dmd vijg BZ
pere Tov ano vijg AK. xal dorwv % ulv BA mevra-
yovov misveda, n 0t BZ éfaywvov, 5 0% AK Osuo-
yBvoUL.

‘H &ga 0¥ mevtayovov mAsvga Ovverar Ty T
rov fEayavov xal Ty Tov Osxaywvov todv &l Tov
avtov xvxhov dyypapoudvav’ Omsp e dsifar.

’

e,
‘Eav elg ndxdov nrnv Eyovra tyv Oudue-
Tgov meviaywvov (6oxAsvgov éyygapi, % rob

2. BZN P, et B, sed corr. m. rec. 4. ZB1 BZ P. -
6. AB, BN Vq, b e corr. m. rec. dativ P, tijs BZ
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est [ ABZ. itaqueerit /| AZB — BNZ [1,32]. itaque
trianguli ABZ; BZN aequianguli sunt. erit igitur
[V, 4] AB:BZ=ZB:BN. quare AB>< BN=BZ?
[V1, 17]. rursus quoniam A4 = 4K, et AN commu-
nis est et perpendicularis, erit KN = AN et [ AKN
= AAN (1, 4). sed [ AAN = KBN [III, 29. 1, 5}
quare etiam [ 4KN = KBN. et duoorum triangu-
lorom AKB, AKN communis est angulus ad 4 po-
situs. erit igitur [ AKB—= KNA (I, 32]. quare
trianguli KB4, KNA aequianguli sunt. erit igitur
{VI, 4] BA: AK=KA: AN. itaque BA > AN
= AK? [VL, 17}. demonstrauimus autem, esse etiam
AB> BN = BZ?. ergo AB>< BN + B4 >< AN
= BZ?+4 AK®=BA%[II, 2]. et BA latus est penta-
goni, BZ hexagoni [IV, 15 corolL], 4K decagoni.
Ergo quadratum lateris pentagoni aequale est qua-
dratis laterum hexagoni et decagoni in eodem circulo
inscriptorum; quod erat demonstrandum.

XL
Si in circulum, cuius diametrus;rationalis est, penta-
gonum aequilaterum inscribitur, latus pentagoni recta
est irrationalis minor quae uocatur.

Vaq. 7. doa »al P. AN] 4 corr. ex 4 m. 2 B.
10. %l 9 — éomv fon) bis P, corr. m. 1; supra m, 1 V.
dorwy lon) dow lon fori V. 11. ze] om. P, A4KB] ABK
P. 12. 5 meog =6 4] om. V; 4 9x0 NAK Theon (Bbq).
18. doviy B. KBA" b, 14. KNA b 15. evfeia
om. g. 16. BA, AN q et e corr. m. rec. b. 17. AK
corr. ex ANK m. rec. b. AB, BN Vq et e corr. m, rec.
b; item lin. 18. 18, B4, AN Vq et corr. ex 4BN m. rec.
b, 19, dmeg dotiv P. BZ] corr. ex ZB V. 21, AK]
supra ser. 4 m, 1 b, 25. dmweg #3s deifor] om. bq.
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mevreyavov wlevea &loydg dariv 4 nedovpuivy
éldGomv.

Elg yag wvxdov tov ABT'AE ¢gyraw Eygovve v
dudustgov msvvdywmvov (6omAsvgov Eyysyedelm O
ABTAE" Ay, 0ve 7 tob [ABI'4E)] mevtaydvov
whevgd &Aoydg éotww % xahovudvy éAdecav.

Ellijpfe pag ©o %évrgov Tov xvxiov ©0 Z 6nusiov,
xal énefevydoday of AZ, ZB xal dujydwcey éxl Ta
H, O oqusia, xol énsfevydo § AT, xel xslodo vig
AZ vévagrov uépog 1 ZK. $nry 0% 5 AZ $qvy Gox
xel ) ZK. &t 0% nal vy BZ ¢nuer 8y doe 7 BK
¢ntyp domv. =xel émel lon fovlv §) AT'H megupipeie
vij AAH meoupepele, dv 4 ABI vij AEA Zovwv loy,
Aowmyy & § I'H Aoumyj tif HA éovwwy lon. xal éav
émilevtmpsy v Ad, evvdyovrar dedel af modg te
A yovio, xel duwdyj 7 I'd vijg F'4. S va adra
o0y nol af meog v@ M 69dal stow, xal Sumdy § AT
tijg I'M. énel obv lon Zovly % omo AAT powvia ©f
mo AMZ, xows 0t tédv dvo toiydvev tov ve A4
nel tov AMZ 5 vnd AAT, lowmy &ga % vmd AL
Aoy vij vm0 MZA éovwv lon (Goydviov &pe éotl
10 AI'A volpovov 1 AMZ toiyeve’ dvdioyov &ow
dotiv dg 1 AT mpdg I'd, ovrwg 4 MZ meog ZA®
xal TRV Nyovudvev ta dimddoia’ @g &oa % vig A

dumdij wedg m‘w-I‘A, obrwg 1 tiig MZ dimii} medg Ty
1. alo'yoc] COIT. ex muxloyov m. rec. P. 5. ABI'4E]
(alt.) om. 6. Ante &loyog eras. ¢v- P. 7. zd] (alt)) corr.

ex zod P 11. Zovwv B. 12. dowe Vq, comp.b. A4BT'H

bq. 13. AdH]} AE4H bq. AE4] Ed in ras. m. 2 V.
lon éotiv P. 14. &ee] om. q. 16. ©@] 76 bq.

16. 4T P. 17. 2] 16 q, TG supra scr. o m. 1 b. Post

M add. yoviee m. rec. P. slor Vbaq. &umlij doa 9 P.
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Nam in circulum ABI'4E, cuius diametrus ratio-
nalis sit, pentagonum aequilaterum inscribatur 4BI'4E.
dico, latus pentagoni rectam esse irrationalem mino-
rem quae uocetur.

sumatur enim centrum circuli Z punctum [III, 1],
et ducantur 4Z, Z B et producantur ad puncta H,
@, et ducatur AT, et ponatur ZK = Y, 4Z. AZ autem
rationalis est; itaque etiam Z K rationalis est. uerum
etiam BZ rationalis est. itague tota BK rationalis
est. et quonmiam arcus 4I'H arcui A4H aequalis
est, quorum 4BI' = AEA, erit 'H = HA. et ducta
Ad concludimus, angulos ad A positos rectos esse,
et I'd=2I'4 (I, 4]. eadem de causa etiam anguli

A ad M positi recti
sunt, et
AI' =2T'M.
iam quoniam
L AAT = AMZ,

\Z\F\ et duorum trian-

~ gulorum AI'4,

v @ AMZ communis
4 est [ AAT, erit

N 4 L AT4=MZA
\\—” [I, 32]. itaque

trianguli 4T'4, AMZ aequianguli sunt. erit igitur
[VI,4) AT:I'd = MZ:ZA. et sumpto duplo prae-
cedentium erit 2A4I':I'd =2MZ:ZA4. sed 2MZ

AT'] supra ser. 4 m. 1 b. 19, zaév] corr. ex %y m. 1 h.
ATA] AAT BV,  20. AAT'] 44 e corr. V., A I'A] corr. ex
AAr m. rec. B. 23. AT) I'4 Vq. v TAV. v ZAV.

-~
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ZA. ag 0 7 vijg MZ Oumdy medg tyy ZA, ovreg
7 MZ moog v nulosay tijs ZA® xal og dea 7 Tijs
A &umdy medg iy I'd, ottwg %) MZ mgog v
nulosiey g ZA. xol tov émopdvev Te nuldie og
6 doa 7 tiig AL dumhs] medg Ty mulosey ig I'A,
ottwg 3 MZ mpdg ©d véragrov tijg ZA. xal dove Tig
ptv AT Oumdq 5 AT, ©ijg 0% I'4 quicse 1§ I'M, tig
0t ZA véragrov pépog 1 ZK- fovww dpa ag ) AT
neog v I'M, ovveg 71 MZ mgog vy ZK. ovv-
10 dévre xal @g ovvauporegog 7 AI'M nmeog v I'M,
ovrag 7 MK moog KZ° xal dg doo 1o dmd ovvey-
potépov tijg AT'M :dg 0 amd I'M, odrmg ©o amo
MK mgog ©0 and KZ. xal émel tijg v1d dvo misvgag
100 mevvaydvov vmorswovens, olov tijg AT, #xgov
15 xal uéoov Abyov veuvoudvys vo uslfov rufue iloov
éotl ©vf} ToU mevray@vov mAsved, rovtéer tfj AT, ©o
0t usifov Tpfjue meodlafov iy Nulocev tig Slyg
mevranidoioy dvverar Tov &md Tijg NuiGElag Tig OAg,
nal dotev 8Ang tig AT quleea y I'M, ©o dpa awd
20 tijg AI'M og mds mevramideiov éoti voi amd vig
I'M. og 0% 70 amd vijg AT'M og piis wedg 10 dmd
viig I'M, otrwg 20elydy 70 dmd vijg MK mgog ©o
and vijg KZ* mevvamddoov dpa 10 amd i MK zov
and vijg KZ. Jqrov 0t ©o amd viig KZ* Gy yoo 4
26 deduergog® $nrov doa xel Td amd vig MK ¢yry dou
éotlv § MK [dvvdues pdvov]. xal émel vevpamiacin
éovlv 9 BZ vijg ZK, mevramdadle &oo éotlv 4 BK
vijisc KZ' elxooiwevranicaioy &g o and vijg BK rov

aBg 0] did’ ds BVb, 2. ziig AI'] 1% AT V; supra
ser. A m. 1b. 4 Aulserx P et b, corr. in sjulon m. 1; Hulon
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:ZA=MZ:Y,ZA. estigitur 2A: T4 = MZ:Y,ZA.
et sumpto dimidio sequentium erit 2A4I": Y, I'd = MZ
Y, ZA4. et 2A = AT, Yy I'd =TM, Y,ZA = ZK.
itaque 4I': 'M = MZ : ZK. et componendo [V, 18]
A4+ I'M:I'M=MK:KZ. quare erit (4I'4 I'M)?

:I'M? = MK?®: KZ% et quoniam recta sub duobus
lateribus pentagoni subtendenti uelut 4I' secundum
rationem extremam ac mediam diuisa maior pars
lateri pentagoni aequalis- est [prop. VIII], h. e. AT,
et quadratum maioris partis adiuncta dimidia parte
totius aequale est quadrato dimidiae totius gquinquies
sumpto [prop. I], et ’'M =%, AT, erit (4I" 4+ I'M)*
= 5I'M® demonstrauimus autem, esse (4I" 4 I'M)?
:I’'M® = MK?®: KZ% itaque MK?®=5KZ% uerum
K Z?® rationale est; nam diametrus rationalis est. itaque
etiam MK? rationale est. MK igitur rationalis?) est.
et quoniam est BZ = 4ZK, erit BK = 5KZ. itaque
BK® =25KZ2% uerum MK?=5KZ3 itaque BK®

1) Uerba Svvdpec pdvoy lin. 26, quae huc nihil pertinent,
glossema sapiunt.

BYV. 6. Supra A ser. 4 m. 1 b. 7. AT P.  juoelog
B, corr. m. 2. 10. AI'M] M supra ser. m. 2 B. 11, ™y
KZ bq, ZK B, mw ZK V. 12. 4I'M] M supra scr. m.
2 B. g rMv. 18. zijg KZ V. 1B, zezunuévng
Theon (BVbq). 16, zovtéoniy PB. 17. mgoo- in ras, m,
1b. 19. dorwv] dont tiig Q. 20. 7ijs] om. q.

AT supra scr. M m. 2 B; item lin. 21. o¢ dm6 q. oy
.P.  25. &oa dom P. ¢nen — 26. pdvor] meog To dmo KZ
26. dorly éar). nel V. dvvapu pdvow) 1.oy¢w l"‘? Eyee
ov doudpos moog douduov 16 dmo tijs MK meog to amo (vijs
- add. V) XZ Theon (B\;L 27. éozlv] (alt.) om. V. 28. Post
KZ in P del. m. 1: sixooimevranid (-otov postea add.) deu
datly 7 BK viig BZ. ¢
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and i KZ. mevvawdasiov 0% ©o and tijg MK vov
ano vijg KZ* mevvexidoiov dge 16 dnd vijs BK vov
ano tijg KM 10 &ge and tijs BK modg 16 amd KM
Adyov ovx &yg, Ov rergdymvog GQIduds mEOg TETQG-
yovov doududy’ aovupcrgog doa éotiv 5 BK v KM
wijxer. xal éove Onra) éxavépe avvév. of BK, KM
dou gnrol sloe Svvduer wovov evuuergor. v 0% awd
onrils onry dpaipsd]) dvvdust pbvov GVuusTEog ovow
v} Ay, 7 Aouwn &Aoyds éoriv amoroun: dmworous) &ga
éotlv § MB, mgooaguifovoe 0% avrij 7 MK. Adyw
01, Ote xal verdory. o On pslfdv éove ©d amod vijg
BK vob amo vijg KM, éxelve loov éoro 1o amd g
N % BK dga tijg KM psifov dvvarer v N. xal
énel avupscrpog dovv 1) KZ iy ZB, xal cvvdévr ovp-
uergdg dovv ) KB vjj ZB. ali& % BZ tfj BO ovu-
uergls dovsv: xal 1§ BK dga vj BO 6vpucrods dotww.
xol émel mevvamddowoy dote vd amd vijg BK tov awmo
tiic KM, t0 &oa ané tijg BK modg td anod tijs KM
Adyov e, Ov & modg &v. dvacvoépavri e To Amd
7ijg BK mog 0 émd tijg N Adyov &yer, ov T mpog
8, oy Ov revpdywvog modg TeTedymvov: devuueroog
doa éotlv § BK vij N* 9 BK dge vijg KM pctfov
dvvarer v dmo dovuuérgov favry. émel ovw 8An 7
BK viis mgodaguofovons tijg KM usifov dvverar v
and aovpuérgov éavrfj, xel 8in % BK evpucrgdg éote
tf) éxxeepdvy i) vij BO, dmorous) &g tevdgry fotly
7 MB. o 0 vmo ¢nriic xel dmoroudjs rTevdgTng
megueydusvov Gpdoywviov &loydv éotwv, xal % dvva-’

2. BK] Bcorr.ex I'm. 1 b. 8 KM] (alt.) MX b; zijs
MK Bq,sqs XMV, b. éau’v]v]. V. KBP. 6. éouv PB.
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==5KM?* itaque BK® ad K M® rationem non habet,
quam numerus quadratus ad numerum quadratum.
itaque BK, KM longitudine incommensurabiles sunt.
et utraque earum rationalis est. itaque BK, KM
rationales sunt potentia solum commensurabiles. sin
a recta rationali rationalis aufertur toti potentia solum
commensurabilis, quae relinquitur, irrationalis est, sci-
licet apotome. itaque MB apotome est et ei con-
gruens MK [X, 73]. iam dico, eandem quartam esse.
it enim N® == BK® -+ KM® itaque BK®= KM?*
-+ N2 et quoniam KZ, ZB commensurabiles sunt,
etiam componendo KB, ZB commensurabiles sunt.
uerum BZ, BO® commensurabiles sunt. itaque etiam
BK, BO® commensurabiles. et quoniam BK* = 5 K M3,
erit BK®: KM®=05:1. conuertendo igitur [V, 19
coroll.] BK®: N® = 5:4, quae non est ratio quadrati
ad quadratum, itaque BK, N incommensurabiles
sunt [X, 9]. quadratum igitur rectae BK quadratum
rectae KM excedit quadrato rectae ei incommen-
surabilis. iam quoniam quadratum totius BK qua-
dratum rectae congruentis KM excedit quadrato rectae
ei incommensurabilis, et tota BK et B® commen-
surabiles sunt, M B quarta apotome erit [X deff. tert. 4].

EM] Kcorr.ex Mm. 1 V. 7. glow B. 9. dove xo-
leitar 06 bq.  dmorous;] om. BV, 10. 4oviy] om. V.
11, 8] 0¢ B. o] yég BV.  douw P.  =iig] om. q.
14. ZB] Z in ras. m. 1 P. 15. ZB] BZ Bq et supra scr. 4
b. 16. dont PBVq, comp. b.  Dein add. pijxes BV.
xol{ — Zomv] mg. m. 2 ins, ante prxe B, &ore Vq, comp.
Bb. 18. 7d] (alt.) zé» V. 19. §] wévre q. &) @ BV,
v & b. 20. 76] wév V. 21, év] 6 b. 23. cvppéreov
q et P, sed corr. m. rec. 25. Ante BX eras. K P. dovy-
uetgog B. 27. BM P, 28. édome Vq, comp. b.
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uévn avrd &loydg dotiv, xaheiver 0% fAdrrav. O0V-
vetow 0 0 vmo tov @BM 5 AB dia ©o émtevyvv-
uévng tiig A® looywviov plveodar 16 ABO rolywvov
16 ABM voiysve xal svar &g v OB meog v
BA, ottwg vy AB mdg v BM.

‘H &g AB vov mevrayavov mhsvoe &hoyds éoviv
N xalovuévy éldrrwv: Omep E0s dsiau.

o’

Eev elg xvxhov tolywvov ledmAevoov &y-
yoa@i, § Tod reLydvov mAsvee Svvdues Toi-
wlaolowyv é6tl vig éx Tov xévreov Tov xUVxiov.

"Eotw xvxhog 6 ABI, xal elg evrov tolyovov
loomAcvgov éyyeyodpdm 16 ABI™ Aéyw, 0te voU ABI
Touyavov wle mievea dvvdus touwdadiov éorl tijs éx
T0v x%évrgov toi ABI xvxiov.

Eiljpdw pep 1o xévrgov tov ABI' xvxiov 16
4, xal émbevydsioa 17 AA dujyde éml o E, xel
émebevydo 5 BE. xal émel loomAsvodv éoti ©0 ABIT
rolyovov, ) BEI" doo megupépeia tolrov udgog éori
t5jg t00 ABI" xvxdov megipegelag. 1 dga BE megi-
gpépeie Exrov fovl pégog tiig TOU xVxAov megupegelug®
ébaydvov dga dotiv § BE eb@sla: oy dpa éorl vy
éx vob xévvgov 1) AE. wnal énsl dumdij ot § AE
tijis AE, vergamddedy éote ©o and tig AE vov amd

1. é6ve BV q, comp. b. 2. 76] om. B, add. mg. m. 2.
®B, BM Vq. 8. ylyveodar V, AGB q. 4. To-
yévp) om. b. B q. 5. mijv] (prius) corr. ex % m. 1 P.
6. dotiv] om. P. 7. mlevge Zddzrov b. 11, doziv P.
18. éyeyodpdw (sic) loénisvgoy b, supra scr. f—a. 7 tod BV.
15. ABI') om. V. 16. ABI'} om.BV.  20. ndxlov] om. q.
22. ékdywvogB.  Post prius dea add. »lsved V.  doziw PB.
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rectangulum autem rationali et quarta apotome com-
prebensum irrationale est, et recta, cuius quadratum
ei aequale est, irrationalis est wocaturque minor [X,
94]. uerum 4B? = @B >< BM, quia ducta 4@ trian-
guli 4AB®, ABM aequianguli fiunt [VI, 8], et est
@B:BA = A4AB:BM [V], 4].

Ergo 4B latus pentagoni irrationalis est minor
quae uocatur; quod erat demonstrandum.

XII.

Si in circulum triangulus aequiangulus inscribitur,
latus trianguli potentia triplo maius est radio circuli.
Sit circulus 4BI, et in eum triangulus aequi-
angulus 4BI" inscribatur IV,

A
/ - 2]. dico, latus quoduis trian-
/ guli 4 BI'potentia triplo maius
esse radio circuli 4B,
4 sumatur enim 4 centrum
circuli 4BI" [III, 1], et ducta
B\i_/ /1'

Ad ad E producatur, et du-
catur BE. et quoniam trian-

E gulus 4BI" aequiangulus est,
arcus BET tertia pars est ambitus circuli 4 BI". itaque
arcus B E sexta pars est ambitus circuli.?) itaque hexa-
goni est recta BE. quare BE = A4E [IV,15 coroll.]. et
quoniam AE = 24E, erit AE?®=44E®=4BE®*

XIL. Theon. in Ptolem. p. 183.

1) Nam AI'E = ABE et arc, 4" = 4B.



10

16

20

26

288 ZTOIXEIQN iy’

vijg Ed, vovtéers vov &xd viig BE. loov 0% 7o amo
zijg AE tolg dno téy AB, BE' va dpax dmo 7dv
AB, BE verpamideid éevi tov éxd tijg BE. dusdovre
dpe 0 amo tiji¢ AB teimAdeidy dori tov dno BE.
loy 0t 1) BE ©fj AE' 16 &pa émd vijs AB toimie-
610v éott oy amo tijg AE.

‘H dpo toU Touydvov misvge Ovvauer Toimiacic
éotl vijg &x oD xévrgov [tod xvxdov]' Omeg Eder deifen.

’

W',

Hvoapide ovoricaeder xal e6palpa mEQL-
Aafeiv vq dodeley nal detkar, 0Tt 7 TTg Cpal-
pag OrducTpog Svvdus Huiodle éatl Tig whev-
pdg TV g mugauldog.

‘Exxslo®o % tijs doPelons epalpag diduetgog 17
AB, xel teruiedo xeve ©o I' onueiov, dore dimie-
elav clvor iy AT tijg I'B* xal yeygapde éml tijg
AB quunvxdiov 16 AAB, xal fjgde éxd vov I' oy-
pslov t5j AB modg ddag §) I'd, xal émsfevydo 3
dA4: xol éxnelodo wnvxdog 06 EZH leny Egov i
éx vov xévrgov tf} AT, xal éyyeygdpde &g tov EZH
xvxdov tolywvov lgdmievgoy t0 EZH* xul elhjgpdm
70 %évrgov Tod xvxlov TO @ oqusiov, xal imefevydo-
oav of E®, OZ, OH' xal avesrdre dno tov @ oy-
uelov v vob EZH xvxdov émmédp medg dpdag 4
@K, xol épneiiode dxd tig OK tfj AL ebfele loy
n OK, xol émetevydweav of KE, KZ, KH. xal énel

4. dimldoigy b. dotv P. ano tig V. 6. dumdd-
6oy b, 7. dumlacle b, tewdecioy V. 8. dotty P.
zo% xvxlov] om. P. 10. Ante xaf ins. éx zedodemv TeiywvLY

loomlevpwy mg. m. 1 pro scholio P. opaigay b. 12. dotiry
P. 14, éuneloBw) prius » supra scr. m, rec. P. 15, Axte
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uerum AE® = 4B% 4 BE? [III, 31. I, 47]. itaque
AB? -4 BE®= 4 BE® subtrahendo igitur 4B*=3 BE®.
sed BE = 4E. itaque AB?® = 34E%

Ergo latus trianguli potentia triplo maius est radio;
quod erat demonstrandum.

XIII.

Pyramidem construere et data sphaera comprehen-
dere et demonstrare, diametrum sphaerae potentia
sesquialteram esse lateris pyramidis.

Ponatur 4B diametrus datae sphaerae et in I'
puneto ita secetur, ut sit 4I'=2I'B [VI, 10]. et in

4 A B semicirculus describatur

AA4B, et a I' puncto per-

pendicularis ducatur I'd,

et ducatur 4.4. et ponatur

lr circulus EZ H radium aequa-

lem habens rectae AT, et
in circulum EZ H triangulus
aequilaterus inscribatur EZH
{1V, 2]. et sumatur centrum
circuli punctum @ [III, 1],
2 A jy et ducantur E@, 6Z, GOH.
\_/ et in @ puncto ad planum
circuli EZ H perpendicularis

erigatur @K, et a @K rectae 4I" aequalis abscindatur
@K et ducantur KE, KZ, KH. et quoniam K@ ad

XIII—XVII. Hero def. 101, 2.
xere del. 8fge m. 1 (et m, rec.) P. 16. zij¢ I'B] mg. postea

add. m. 1 P, =3¢ BI' V. natayeyodpda P. 17. on-]
supra m. 1 b. 19. EHZ V. fyov q. 20. éx] supra m.
1P 22 xévrgov b.  25. dgaieriede P

Euclides, edd. Heiberg et Menge. IV. 19
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7 K@ 981 éoti mpog ©0 vov EZ H xvxdov énimedov,
xal meds mdadag dpa Tag amroufves avtig Evdelug
xol obdag v ve voi EZH wvmhov emmidp dodag
moujosL yovieg. amretar 0% avrig Sxdern tév OF,
®Z, OH 5 OK épa mpog éxaerny tdv OF, OZ,
OH bg9 dorww. wnal dmel lon éotlv 5 uiv AT
@K, % 0 I'd ©fj OF, xal dpdag yovieg megieyovow,
Bdeis doa § AA Bdost vy KE derwv lon. Odwx te
avre 0y xal éxavépe vév KZ, KH ©f 44 éorwv lon*
ol voeig dgo of KE, KZ, KH 6o adljheaug &lolv.
nol émel Oumdy domwv 5 AL twfig I'B, teumdy &oo 7
AB tijs BI &g 0% 7 AB meds v BI, otreg to
and tijg AA meog to and vijg AT, g éEfig deydj-
oeTou. TouwAdaiov dge v0 amd tig Ad Tov amd Tig
AT, &ote 6% xol ©o amo tijs ZE tob amd tijg EG®
rgumddeiov, xal oty lon ) AT ©) E@ [oy dea xal
n A4 ) EZ. dAda 1 A4 éxdory tov KE, KZ,
KH 20siy®n lon xol éxdory doe t1év EZ, ZH, HE
énaary vév KE, KZ, KH éovwv lon® l6émisvoe doa
dotl v téodagn volywve e EZH, KEZ, KZH,
KEH. mvgauls dge ovvédraroar #x te66doov TQL-

yovov (gomdevguov, g fdoig uév éovt ©o EZH toi-

yovov, xopupt 0% to K oqusiov.

det 0 ety xal opalpe megiiafeiv Tjj dodelon
xel Oeikor, 8ve 4 tig opalpag diduergog NuioAle doTl
dvvaue tig mhevedg Tilg mvoauldog.

1. douv P. 2, &ox] L V. adzijg] corr. ex atrit m.
2B 8 EZHOBb. 5. % OK — 6. OH] mg. m. 2 B.
5. K] © e corr. m. 1 b, 6. 401 Vq, comp. b.

7. megiégovor Vbq. 8. 44] Aecorr. m. 2P, 9. fon: ned of
q.  10. gljloss V.  elsl q, comp. b. 11, roumls] Suadij
b.  13. Post J4I" add. P: #xel yofo dorw g 5 AB meog A"
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planum circuli EZH perpendicularis est, etiam ad
omnes rectas eam tangentes et in plano circuli EZH
positas rectos angulos efficiet [XI def. 3]. tangunt
autem @FE, ®Z, @H. OK igitur ad singulas @ F,
®Z, @ H perpendicularis est. et quoniam AI'= @K,
I'41 = @E, et rectos angulos comprehendunt, erit 44
= KE [I, 4]. eadem de causa etiam KZ = 4.4 et
KH= A44. itaque KE= KZ = KH. et quoniam
A =2I'B, erit AB=3BI. sed 4B:BI' = 44*
: AI'®, ut postea demonstrabitur [u. lemma]. itaque
AA? = 34T*. uerum etiam Z E* = 3 E®® [prop. XII).
et 4I'= E@. itaque etiam 44 = EZ. demonstra-
uimus autem, esse 44 = KE = KZ = KH. itaque
singulae EZ, ZH, HE singulis KE, KZ, K H aequales
sunt. quare quattuor trianguli EZH, KEZ, KZH,
KEH aequilateri sunt. ergo ex quattuor triangulis
aequilateris pyramis constructa est, cuius basis est
triangulus EZH, uertex autem K punctum.

oportet igitur eam etiam data sphaera compre-
hendere et demonstrare, diametrum sphaerae potentia
sesquialteram esse lateris pyramidis.

ovra)c (corr ex om'og m. 2) 70 omo A4 nqog 70 amd A F
avaatpswavu dg 11 AB meog BT, ovrws 10 dno Ad meog o
and AT 1dem mg. m. 2 B (B4 pro priore 4B, AI' pro 4T),
add. in fine g éEfjg deiyijoeren, sed ins, post deexdrjoevos
lin. 13; eodem loco haec uerba éwel yde — deizdrjoston in
texta hab. V (BA, oy AT, ijg 44, tijg AT), sed meqiztov
add. m. 2. 16. foruv PB. 17, dA} A4 P, zﬁij g
P, 18. HE] corr. ex HO m. 2 V, HE® q. 19. XE] EK
. ion foa naf q. 20. éoziv B.  técosoa B. KZH])
KEH q et V (E e corr.). 21. KEH] KZH qet V (ZH
e corr.), KH® B. cvviotatos BVb Post 1:9;yawaov add.
foov xel Vq, m. rec. B. 22. % q. 26. dvvdper Ruiokia
doui V. dotly P
19%*
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‘Exfefioda yag- éx’ evdelug vij KO ebodela 9
O4, nal xelodw iy I'B loy v OA. xal émel édoniv
g 7 AT meds vy I'd, obrag 5 I'd meds iy I'B,
lon 0t 5 wlv AT ) KO, 3 0t I'd ©jj OF, 7 0%
5B tjj @4, &tv dpa o 7 KO mpds mijv OE,
ottwg 1 E® mpog vy @A 10 doa Umo tév KO,
@4 lgov éotl v amd vijg EO. xal éoviv Spd éxc-
tépa v vmo KOE, EOA yoviav: 0 dga éml vijg
KA yoagdusvov quxvxAiov ke xal 0 tov E [met-
10 Ojmeg éoav émisvtopey v EA, 398y ylvevaw % ¥mo
AEK yovie S 1o [Goydviov plveedor 10 EAK
tolyovov éxatipp tov EAO, EOK toyovov]. éev
0 pevovens vijs KA megueveydtv w6 quuxvxdiov elg
70 vt maAw amoxavacradr, 09ev fofuro pégeadar,
156 7Eet xal O tdv Z, H enuslov émsvprvpévov todv
ZA, AH xal dp8dv duolwg prvopédvev tadv medg roig
Z, H yovdv' xal Eoter 1) mvpauls 6palpe megust-
Aqupévy T dodelay. 7 yag KA vijg opalgag dia-
pergog lom Zorl i) tijg dodelong epalpas diepérew
20 v} AB, énednmeg vy piv AL loy xeiroaw % KO, 3
ot T'B # 04.
Aéyo 07, Om 7 tijg 6@aigag didusrgog Ruiodin
éarl Svvapst tijg mAsveds tig mvpauldog.
‘Enst yag Oumwdy] éovw y AL vijg I'B, voumds dgo
25 éotlv 1) AB vijg¢ BI" dvacroépevr. quiodia doa éoriv
9 BA tijg AT. g 0% 7% BA mpog vy AT, ovrwg
70 dmo tijg BA meog t0 amd tiig Ad [émeidnmeg émi-
Gevpvvpdvns tijs AB ety dg ) BA meog iy A4,
ottwg 1 A4 meog v AT S TRV OpoldtyTa TGV

1. zfj] scripsi; =7¢ PBVbq. 2. ©4] supra scr. 4 m.
1b. $unelodw q. 6. dgo] e corr. V. 6. Ante E@ del.
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producatur enim recta K@ in directum et fiat @4,
et ponatur @4 = I'B. et quoniam est AT": I'd = I'd
: I'B [VI, 8 coroll], et 4I'=K®, I'd =@E, I'B
=04, erit KO:OE = E@:04. itaque KO < 64
= E®?% [VI, 17]. et uterque angulus KOE, E® A
rectus est. itaque semicirculus in K4 descriptus etiam
per E ueniet.?) itaque si manente recta K4 semi-
circulus circumuolutus rursus ad idem punctum refertur,
unde circumuolui coeptus est, etiam per puncta Z, H
ueniet ductis rectis Z4, A4H, quo facto anguli ad
Z, H positi et ipsi recti finnt. et pyramis data
sphaera erit comprehensa; nam K/ diametro sphaerae
AB aequalis est, quoniam posuimus

K® = AT, @4 = I'B.

iam dico, diametrum sphaerae potentia sesquialte-
ram esse lateris pyramidis.

nam quoniam 4I'=2I"B, erit A B=3BI. itaque
conuertendo BA = %, A verum BA: AT = BA?

1) Hoc ex VI, 8 concluserat Euclides; nam quae sequuntur
lin. 9—12 male cohaerent et subditiua uidentur, sicut etiam
lin, 27 — pag. 294, 3. ibi Euclides tacite usus erat VI, 4 et
V def. 9. quae leguntur, et re (cfr. lemma) et uerbis (¢lven
pag. 294 lin. 1) offendunt.

©®m 1P 1. dotl] douiv P. 8. K®E] K@ B; corr. ex
K6, ®E m. 1 P. E©4] corr. ex EO®, &4 m. 1 P.

10. ylyvezor P. 11. AEK] E4K B, corr. m. 2. ylyve-
odar VD, 12, EX® P. 16. ZA] Z corr. ex A m. 1 V.
yiyvopévay Pb. 17, douy P, 19. doriv P.

28. Zotiy PB. 24, rijg] ©5 b. dumli . &oa darly
&oo V, domv doa B. 26. BA] (prius) 4B V., mQog THY
bis P. 28. 4B] in ras. V, 4B b et B, sed corr. B4

corr. in B4 Bb.
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AAB, AAT touyévov, xel svar og Ty mewryw
wedg TV TElTYY, oVTwg TO AW THg WEEWTNG WEOS TO
and tijs Oevrdgag). nuidAiov dga xal TO amo tig BA
Tov amwd tijg Ad. xai ot § utv B A 5 tijg dodelong
opaigag Owduergog, 7 0t A lon ©f mheved Tijg mWv-
pauldog.

‘H dpo tijg 6palpag dituetgog nusodla éotl tijg
wAevpds tiig mvgauldog Smep Fder dsifou.

Aijppe.

deaxzéov, o éotly og ) AB meog v BT, ottwg
70 and vijg A4 mgog ©6 amd vijg AI.

Exxelo®o pog 7 1o fuixvedlov xotappapr, xol
émeletydm n AB, xal aveyeypdpdw amo tijs AL
rergayavoy ©o ET, xal ovumewingwedw ©0 ZB mag-
elinidygappov. émel otw did Td ldoyaviov slvar To
AdA4B zoelyovov v AAT vopdve éotiv g 5 BA
medg v Ad, ovtwg 7 AA meds i AT, 1o dpa
vno v BA, AT loov Zotl vg dmd vijg Ad. xal
émel dotv g ) AB meog v BI, otrwg ©6 EB
n@dg 70 BZ, nal dove ©o udv EB t0 vmwo védv BA,
AT lom pag % EA vfj A" ©o 08 BZ o vmo 6w
AT, I'B, &g dga 1) AB mds viv BI, otrwg 76 vmd
vév BA, AT mpog ©0 vmd tév AI, I'B. xoi Zomt
©6 plv Umd vdv BA, AT loov v amd tijg AAd, ©o
0t v&d tdv AI'B igov td axd vijg AI" 7 pog AT
xaderog Tdv Tijg Pddewg tunudroy tov AL, I'B uéey
avdioydv deri dix 10 Sgdw slvew Ty vmd AAB. og

4, ) (alt) om. q. 5. 4d] om. b. 7. Jvwdper Npeodle
Gregorius. 9. Mjppe] om, codd. 13. 4B] supra scr. 4
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: A4% itaque BA® =3,44° et BA datae sphaerae
diametrus est, 44 autem lateri pyramidis aequalis.

Ergo diametrus sphaerae potentia') sesquialtera est
lateris pyramidis; quod erat demonstrandum.

Corollarium.

Demonstrandum, esse 4B : BI'= A4%: AT
exponatur enim figura semicirculi, et ducatur 4B,
et in A quadratum EI" describatur, et expleatur
parallelogrammum  ZB.
4 iam quoniam est BA: A4
=dd4: AT, quia 44B
~dA4T[{V] 8. VI, 4], erit
: BA>< AN=AA%[VI, 17].
4 r B et quoniam est 4B:BI’
= EB:BZ[V] 1], et EB
=BA>X A (nam EA
= AT'), BZ = AI'><TB,
erit 4B: BI'=BA>< A"
E 7 | :A'>< I'B. et B4 >< A"
=AA4% A'>XI'B=ATI®.
nam perpendicularis 4I" media est proportionalis par-
tium basis 4I', I'B [VI, 8 coroll.], quia rectus est

1) Uocabulo dvwdpsc aegre quidem caremus, sed fortasse
tamen audiri potest.

m. 3b  14. ET'] corr. ex BI'm, 1 B. 20. dorv B,
21. ydg douv V, 23. fetiv B. 24, 6] w6 V.  16] 16
V. Ad] sic, sed mg. m. 1 4B b. 25, AT, I'B BV,
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doa ) AB meos v BT, oVrwg v0 amd vijg A4 mgog
70 awd tig AI™ Gmep &0z dcibau.

W',

Oxrdedpov overyoaddar xel dpaloa meg:-
5 Aafciv, | xal va mpdreoa, xal detfar, 871 %
tijs 6palpas Staperpos dvvauel dimdadia ol

Tijg mAevQdg oD dxtaédgov.
"Exxelof0 1 tijs Ododeleng opailpas Oiduergos 1
AB, xol zerpiede Olye xave o I, xal yeppdpdw
10 éml tijg AB funvndiov ©6 AAB, xal fydo dmwd TOU
I o} AB mpog dpdas % I'd, xal énelevydo 7 4B,
xal éxnsioBo teTgdyovov o EZHO lenv Eov éxd-
oty tow wAsvedv tfj 4B, xal éxelevydocav of OZ,
EH, xal avestdre énod zov K onusiov té tov EZHO
15 reTpayavov émméde medg dodag evr&sl’a 'q KA xal
dujydo &l zo etega ye’m) t0v dmmédov dg § KM,
xol dgpenodw oy’ éxarégeg vév KA, KM we tov
EK, ZK, HK, @K loy éxorépe tov KA, KM, xal
énctevy®ooay of AE, AZ, AH, A®, ME, MZ, MH,
20 M®. =xol émel lon dotlv %y KE tf) KO, xal éonw
do9y 7 Ymd EK® povie, ©0 doa dmd tijg OF di-
wAdeov ot Tov and tijg EK. wmdlw, énel lay doriv
7 AK t} KE, xai éotwv 698y % vwd AKE yovie,
T &oo dmd tijg EA dumAdedy dome tov amé EK.
25 &0elydn 0 xal ©o axd tvijg O E dimddeov Tod amd

2. onao £dee Oeikon] om. V. Figura lemmatis fuit in
L. 3. 167 & L. 4. ovvorrjeacdar P, corr. m, 2.
5. 1o medrega] v mveaulde Theon (LBV bq), yo. 1 el mv
mvgapide mg. m. 1 pro schol. P. 6. zig] om. b. oty
PLB. 8. doPedong] om. q. opalpos] cq:a(gas 7 AB L.
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L A4B [111,31]. ergo AB:BI'= AA4?: 4T'®*; quod
erat demonstrandum.

XIV.

Octaedrum construere et sphaera comprehendere
sicut priora et demonstrare, diametrum sphaerae po-
tentia duplo maiorem esse latere octaedri.

ponatur datae sphaerae diametrus 4B, et in I
in duas partes aequales diuidatur, et in 4B semi-

4 circulus describatur 44 B, et a I" ad

AB perpendicularis ducatur I'd, et

Cl\ ducatur 4B, et exponatur quadratum
4 7 EZH® singula latera rectae 4B
aequalia habens, et ducantur @©Z,
EH, et in K puncto ad planum gua-
> drati EZH® perpendicularis ducatur
recta K4, et ad alteram partem plani

73 " producatur ut KM, et ab utraque K4,
KM uni rectarom EK, ZK, HK,

@K aequales abscindantur K4, KM, et ducantur 4E,
AZ, AH, 40, ME, MZ, MH, M®. et quoniam
KE =K@, et [ EK® rectus est, erit [I, 47] OE?
= 2EK?® rursus quoniam AJK=KE, et [ AKE
rectus est, erit EA4% = 2EK? [id]. demonstrauimus

N
N

XIV. Pappus V p. 414, 7.

11. I'd] 4 e corr. V. émetev q. 12. #xuslodo supra

ser. » m. 1 P, 13. 4B] in ras. V, B4 B. ®Z] Z©& LBb.
16. péen] om. V. 17. xef] om. L?  w& — 18. XM]
om, L. 18, EX] KE supra m. 2 B, XE V. ZK] KZ

BVq. KH, KO BV. 22 fouw L.  23. KAE b,
24. Post E4 ras. 1 litt. P.  &omiv L. 7i¢ EX LBY,
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tiig EK' ©0 g dnd tijg AE loov Zori ¢ amo vijg
E® ion doa éoviv 5y AE ©jj E®. dix to avra o5
xal § AO v} OF édrww lon' ledmisveov dga fozl 1o
AE® tolyovov. duolwg 03 deitousv, dte xal Exaovov
Ty Aowmdv Tolyevev, v Pdesg pév slew of Tov
EZHO zevgayovov mhsvgal, xogupel 0t za A, M
onusia, (6omAsvgdy €otv: dxrdsdgov dga ouvécratar
VRO OnT® TQLY@YOY (GomAsVpwY TEQLEROUEVOV.

dst 0 avrd xei epalpe megiiafsiv tjj dodeloy
xel Oetbar, Ome 7 tfig opalpag didusrgog dvvaps di-
nlaciov éeri Tijg Tov dxraédpov mAsvods.

‘Enel yog of voeig af AK, KM, KE loaw aliij-
Aatg &lolv, o &oo émi vijg AM ypgagiousvov nuLxy-
xhiov %er xal 0w tob E. xal Ox v avrd, dav
uevovens vijs AM megieveydtv To Nuixvxdiov &lg o
avtd amoxaractadf, 0dev fpkaro plpsedar, fkst xal
0w tov Z, H, @ onusiov, xal Eotar opalge meguei-
Aquuévov to dxtdsdgov. Aéyw d1f, dri xal T} dodeloy.
énsl pog lon dotlv ) AK tf) KM, nowwi 6% 4 KE,
xal yoviag dpdag meiéyovoiy, Paeig doa 4 AE Pdoe
;i EM éovwv loy. xal émel dpd1 éovev %) vmd AEM
povie: dv quivedlp pde. ©o oo and tig AM duxdd-
a1ov dote tob and tiig AE. mddw, dnsl ley doslv 4
AT =fj I'B, dumdacia éovlv 7} AB tijg BI. ag 0t 5
AB mgos iy BI, otrwg tl dnd tijs AB mdg ©o
ano vijg B4* dumddeiov &oa forl to dmo tijg AB Tob
and vijg Bd. eiydn 0t xel vo amo vijg AM dimid-
Giov 100 amd tiig AE. uei ot [dov o amd Tig

1. dotiv L. 2. fotfv] om. V. 8. fotiv L. 5. Post
dv add. éi b.  Pdag L et B, sed corr. m. 2.  dorww L.
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autem, esse etiam @ E? = 2EK?® itaque 4E? = E®%.
quare 4E = E®. eadem de causa igitur etiam 4&
= @ E. quare triangulus 4 E® aequilaterus est. simi-
liter demonstrabimus, etiam reliquos triangulos, quo-
rum bases sint latera quadrati EZ H®, uertices autem
puncta 4, M, singulos aequilateros esse. ergo octa-
edrum constructum est octo triangulis aequilateris com-
prehensum.

Oportet igitur data sphaera idem comprehendere
et demonstrare, diametrum sphaerae potentia duplo
maiorem esse latere octaedri.

nam quoniam fres rectae 4K, KM, KE inter se
aequales sunt, semicirculus in 4M descriptus etiam
per E ueniet. et eadem de causa si manente A4M
semicirculus circumuolutus ad idem punctum refertur,
unde eircumuolui coeptus est, etiam per puncta Z, H,
@ ueniet, et octaedrum sphaera comprehensum erit.
iam dico, etiam data id sphaera comprehensum esse.
nam quoniam AK = KM, et KE communis est, et
rectos angulos comprehendunt, erit 4E = EM [], 4].
et quoniam [ 4 EM rectus est (nam in semicirculo est)
(IO, 31], erit AM*=24E® [I, 47]. rursus quo-
niam AI'==TIB, erit AB=2BI. uerum A4B:BI'
= AB?*: B4?® [VL, 8. V def. 9]. itaque 4B% = 2B4%
demonstrauimus autem, esse etiam A M*® =2 A/E2 et

6. xogvyn Pgq. 7. leondevea bq. 8. mequeyouévor P,
corr. m. 1. 11. docdv L. 12. Post yeag del. dotiw m. 1 P.

«f] (alt) « (@?) L. AK)] K4 b, 18. elof Vg, comp.
b. 17. Z1 E, Z P. 20. mequézover Vhaq. 21. 7] om.
q-  28. dor] om. V, doriv L. 24. 7ijs] ¢ In ras. 2 litt. m.
1P,7jq 26 Bd] 4inras. V.  dimlasioy — 27. Bd]
om. L, mg. m. 2 B.

e
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4B ¢ ano vijg AE* loy yao xeivew 7 E® 5] AB.
loov &ga xal 0 dno tijs AB t¢ dmd vijg AM: ioy
dpe 7 AB vij AM. xoi dorww ) AB 7 vig dodelons
opaipag Oudpcroos 1 AM doo lon éotl tf s Oo-
Belong opalpas Oonpirom.

Hsgueidmmran Goe ©0 dxrdedgov Tij doBeioy cpaloe.
xal evvamodédexrar, 6t 7 Tijs Spalpag didustpog Ov-
vauer dimdaoiov éotl tijs Tov dxraédgov wAsveds® Gmeg
Edec Ok,

e’

KYBov gvorieacdar xal 6palog wegiiafsiv,
7 xal v mvoapide, xal detfar, 61t 7 Tijg Gpal-
oag Oidusrgos dvvdper Toimiaclov é6rl zijg
10T zVvPov mlsveds.

Exxeledw 1 tijg dodelong opalpas Oiductgog 7
AB xal terpiede xete vo I' dave dumdijy slvow o
AT tijg I'B, xal peyocpdm énl vijs AB fuuxdxiiov
760 AAB, xal amd vov I' v} AB meds dpPag 7o
1 T4, »al énctevydo 1 4B, xal dxxelodo Terpdyovor
0 EZHO loyv ¥ov v mhevgev tfj 4B, xal dxd
trév E, Z, H, @ t roi EZHO tergaywvov dmunédep
wpog bpdos fyPwoev of EK, ZA, HM, ON, xal

1. AE] supra scr. 4 m. 1 b, 4B] supra ser. 4 m.
1b. 2 foww dea P. 3. 1] (tert) om. b. 4. dotlv P,
7. 6te 7] corr. ex 8z b m. 1. - 8. 8meg #8s deikou] om.
V, dmeo dy B. 11, wixloy q.  ovwemjeacdor P. 12, fj)
om. b. iy wogaplda] te medrseov Theon (BVbg).
18. tqumlij Bqb, comp. V. foxiw PB.  15. %] (prius) postea
add. m. 1 P. 19. 4B] AB b, 20, #yov P, corr. m. 2.
wijv] Exderny Vq. 21. % zov EZH®] supra m. 2 P,
éminédoy B, corr. m. 2. 22. xeel] seq. ras. 8 litt. V.
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4B% = AE®;, supposuimus enim esse E® — A4B.
itaque etiam A B? = 4AMZ2 quare 4B= AM et
AB diametrus est datae sphaerae. ergo 4M diametro
datae sphaerae aequalis est.

Ergo octaedrum data sphaera comprehensum est;
et simul demonstranimus, diametrum sphaerae potentia
duplo maiorem esse latere octaedri; quod erat de-
monstrandum.

XV

Cubum construere et sphaera comprehendere, sicut
pyramidem, et demonstrare, diametrum sphaerae po-
tentia triplo maiorem esse

E ®  latere cubi.
K ¥ Exponatur diametrus
datae sphaerae 4B et in
2 4 Iita dividatur, ut sit 4T
4 M = 2I'B[V], 10],et in 4B
semicirculus  describatur
AAB, et a I’ ad 4B per-
4 I B pendicularis ducatur I'4, et
ducatur 4B, et exponatur
quadratum EZ H® latus rectae 4B aequale habens,
et in E, Z, H, ® ad planum quadrati EZH® per-
pendiculares erigantur EK, Z4, HM, ® N, et a singulis

1) In B figura textus eadem est K N
ac nostra, sed in mg. m. 1 haec
figura descripta est additis nerbis: g
dv &l o wvfog ovTms.
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agpnenode and éxdorns véov EK, Z4A, HM, ON wia
tégv EZ, ZH, H®, OF ion éixacry tvdv EK, Z 4,
HM, ON, xal énefevydocay of KA, AM, MN, NK*
xvPog doa cvvésrarar 6 ZN tnd EE vevgaywvov ldwv
neQueyousvog. Osi O avtdv xal opalpe megidafeiv
7] dodelon xol deibar, 0Tt 1 Tijs Gpalpas Ouxuergog
dvvape touwiacle éotl Tig mAsvpds Tov xvfov.
‘Enslevydwcay pag of KH, EH. xal émel o0y
dorwy 1) vwd KEH yovie dia ©6 xal iy KE S99y
slvaw moog 10 EH énimedov dnAady xol xgog vqv EH
e@stov, 1o dpa énl tijs KH yoagdusvov nuixvxiiov
nker xal die Tod E onuelov. madw, émel ) HZ 4997
dore mpog Exatépav vév ZA, ZE, xel meds 10 ZK
doo Emimedov S dovwv B HZ: @ote xal éav Zme-
tevkopey iy ZK, 7 HZ bgdy &orer xel mpdg
v ZK' xal Oie tovro mdiw v énl vijg HK ypou-
plusvov Nuixvxdiov ke xal dux tov Z. Opolwg xel
0 ey Aomdv tod xavfov onuslov nEe. éav On
pevoveng tig KH meguevey®iv td nuxvxdiov &lg 1o
avtd dmoxaradredij, 0dev febaro @lpeedar, foTar
opaloa megielAnuuévog 6 xvfog. Afyw 01, Ote xel tif
dodeloy. émel yag lon dotlv v HZ vfj ZE, xal éoriv
6p0y 7 medg v Z yavix, 1o dgo amd tijs EH di-
nidoov €ote Tov amd tijg EZ. lon 6t % EZ tfj EK-
70 dga and 17 EH dumidoidy ot tov dmo tijs EK-
w@ore o ano 1av HE, E K, rovréon 1o ano vijgs HK,
toumAdowdy fete tov and tiig EK. xel énmel vouwha-
6iwov éotlv ) AB tiig BI, dg 0t 7 AB meds Ty

1. dogencdwcey BVbq. 4. ovvistatar V? ZN] N
in ras. m. 1 P, 7. zouriacioy P. 8. KH] corr. ex KN
m. 1 B, XN q. 9. 7ij¥] corr. ex 76 m, 1 q. 12, HZ] in
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EK, Z4, HM, ®N uni rectarum EZ, ZH, HO, @F
aequales abscindantur singulae EK, ZA, HM, ON,
et ducantur K4, 4AM, MN, NK. itaque cubus con-
structus est sex quadratis aequalibus comprehensus.
oportet igitur eundem data sphaera comprehendere et
demonstrare, diametrum sphaerae potentia triplo ma-
iorem esse latere cubi.

ducantar enim KH, EH. et quoniam [ KEH
rectus est, quia KE ad planum EH perpendicularis
est et manifesto etiam ad rectam EH [XI def 3],
semicirculus in KH descriptus etiam per E punctum
ueniet. rursus quoniam HZ ad utramque ZA, ZE
perpendicularis est, HZ etiam ad planum ZK perpen-
dicularis est [XI, 4]). quare ducta ZK recta HZ etiam
ad ZK perpendicularis erit. qua de causa rursus semi-
circulus in HK descriptus etiam per Z ueniet. simi-
liter etiam per reliqua puncta cubi ueniet. iam si
manente KH semicirculus circumuolutus ad idem
punctum refertur, unde circumuolui coeptus est, cubus
sphaera comprehensus erit. iam dico, etiam data sphaera
eum comprehensum esse. nam quoniam HZ = ZE,
et angulus ad Z positus rectus est, erit EH® — 2EZ?
(I, 47). uerum EZ = EK. erit igitur EH® = 2EK?”.
quare HE? 4 EK?®=3EK?= HK® et quoniam
AB =3Bl et AB: BI'—= AB%: BA*[V],8. V def. 9],

ras. V. 18. deuv P. ZA",ZE'b, ZE, Z4 q et V (E et
4 in ras.) %al] supra m. 1 b, KZ q et in ras. V.

14. HZ]inras. V. =xol dv q, x&v BVb., 15. HZ] in ras. V.

16. %ef] om. q. 17. bpolog 0t xal V.  20. forer oo

bq. 23. zé) 6 Vq.  26. za] xai ¢ V, va postes add. P.

HE] EH q. EK] supra scr. N m. 1 b, t7ig] to? q.

HK) H corr. ex E m. rec. B. 28, BI'] corr. ex BK m. 1B.

P
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BI, otrwg 10 dnd tijg AB modg to dmo tijg BA,
roumidaioy Hpe ©O amd tijg AB tod ano rijg Bd.
&0elydn 0t xel 16 ano tijg HK vob dno tijs KE toi-
nAdaov. xel xelrow len % KE tff AB° loy &oa xal
% KH tjj AB. xal éovw 7y AB tijg doBelang epaipeg
duduetgog® xal  KH dga lon éatl tfj thg dodelons
opalpag diauéron.

Ty dodsloy dou apalpa meguelinmrar 6 xvfog* xal
agvvamodédeixtau, 0tL 1 tijs Gpalpag dieusToog dvvduee
roumdaciov €otl Tijs Tov xUfov mAsvpds® Omep E0e dstke.

5"

Elxocacdgov cvarijeacdar xal dpaloy mege-
AaPeiv, ) xal ve woosLgnuéva oyuate, xal d&i-
Eai, 8ti 1) 0D slnocaddgov wAsvea &Aoydg éoTLy
7 welovuévy éAdrrov.

Exxeledm 1 tijg dodelong opalgag didustgog 7
AB zal terwiedew xave t0 I’ dore tevgamiijy &lvor
vy AL tijg I'B, xal peyoegpdo énl tijg AB fue-
xUxdiov ©6 AAB, xel fj3d0 dnd vov I’ 1j; AB modg
dotag yoving evdeia poauuy n I'd, xol énslevydo 7
AB, xel éxxelo®o xvxdos 6 EZHOK, ov % éx tov
xevrgov lon &atw tff 4B, xal ypeyoagpde sl ToV
EZHOK xvxhov mevvdyovov (66mAievgdy te xal ldo-
yaviov ©6 EZHOK, xol revwjodoeay of EZ, ZH,
HO, OK, KE ncoupéperar dlye xata v A, M, N,
H, O enusie, xal énsfevydomeay of AM, MN, NJE,
5O, 04, EO. leomicvgov &ou éotl xal 16 AMNSO0

1. BI'] corr. ex BK m. 1 B, 2. roimdaolov P, corr,
m. 1. 4. 4B] AB corr. in B4 B, 4B supra scr. 4 m, 1b,



ELEMENTORUM LIBER XIII. 305

erit AB? = 3BA*% demonstrauimus auntem, esse etiam
HK® = 3KE®. etposuimus KE = 4B. itaque etiam
KH= AB. et AB diametrus est datae sphaerae.
itaque etiam K H diametro datae sphaerae aequalis est.

Ergo- cubus data sphaera comprehensus est; et
simul demonstrauimus, diametrum sphaerae potentia
triplo maiorem esse latere cubi; quod erat demon-
strandum.

XVL

Icosaedrum construere et sphaera comprehendere,
gicut figuras supra nominatas, et demonstrare, latus
icosaedri irrationalem esse minorem quae uocatur.

Exponatur diametrus datae sphaerae 4B et in I'ita
secetur, ut sit AI'—=4I'B[V], 10], et in 4B semicirculus
describatur 44 B, et a I' ad 4B perpendicularis du-
catur recta I'4, et ducatur 4B, et exponatur circulus
EZHG®OK, cuius radius aequalis sit rectae 4B, et in
circulum EZ H® K pentagonum aequilaterum et aequi-
angulum inscribatur EZHOK [1V, 11], et arcus EZ,
ZH, H®, ®K, KE in punctis 4, M, N, 5, O in
binas partes aequales dinidantur, et ducantur 4 M,
MN, NZ, 50, 04, EO. itaque pentagonum 4MN 5O

XVI. Pappus V p. 440, 19.

B4 Vq. 6. iig] % *is q. 6. na/] om. q. doriv B.
vjj] supra scr. m. 1 P. 8. dodeloy] om, P, 10. dotiv P.
12, ovvoricasdar P, corr. m. rec. 16. cpalpag] bis P,
corr. m. 1. 17. dote] dg b.  19. ABA b.  tf} AB] om.
b. 21. B4 e corr. b, #unelodw] alt. » postea add. m. 1 P.
% #x tod] bis P, corr. m. 1. 25. KE of q. 26. O] postea
ins. B. 27. EO] om. q, supra scr. B uel @ b,

Euclides, edd. Heiberg et Menge. IV. 20
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wevrdyovov, xal Oexayovov v EO ebdeia. xal dv-
soratwday and vév E, Z, H, 0, K onusiov ¢ 1ov
xvxdov émnédm medg Spdag povieg svdeiw of EII,
ZP, HX, O@T, KT i6ar oveaw tjj éx tod xévrgov
100 EZHOK xixdov, xel émefevydweay of IIP, PX,
2T, TT, TI, Iid, AP, PM, M3, N, NT, T%,
ET, Y0, OII. xal émel éxerépe tév EIl, KT 16
avre émiméde meog dedag éotiv, magaidniog doe éoTiv
n EIl vij KT. ot 0t avrf) xal lon' af 0% vag icag
te nal magadlijiovs émitsvyviovon dnl ta avre udey
eVdelon loar ve nal magaliniol slow.” n IIT &puo i)
EK ion t¢ nal maparinidg éetwv. mevvaywvov O
loowdevgov 1 EK* mevrapovov &pe loomdevgov xal %
7Y 100 &lg vov EZHOK xvxiov éyyoapouévov. dia
16 avra 0 xol éxcory vév IIP, PX, XT, TY
mevrayavov oty (domdevgov tov &l tov EZHOK
xvxdov Eyyoagoudvov: lodmisvgov &g 1o ITPETT
mevrayovov. xal émel fayodvov uév dovwv 7 IIE,
dexayovov 8¢ B EO, xai éotiv 899y % vmd INEO,
nevteyavov doe dotly 5 I1O° 3 yap tod mevraywvov
mwAevoa Ovvarar Ty Te tob Efeywvov xal THY TOU
dexaydvov 16V &l3 TOV avTov xUxAov Epyoapoudvav.
0 ta avra Oy xal f§ O mevrapdvov éetl mAsved.
dotru 0% nal 7 I1T mevvaywvov' ledwAsvgov dga éotl
76 IT1OT zolyovov. Owe ta adra O xal Exaorov Tév
DAP, PMX, XNT, TEY loomievedv éoriv. xal
émel mevrayovov 0elydn éxaréga tov IIA, 110, &6t

1. dsnayovor, mut. in dendywvoy q. OE P. av-
soTdTm q. 4. ovoar] om. b. 7. EII] €117 B, sed corr.
8. {61t BVq, comp. b. 9. foruvy PB.  10. inl ta adra
péon émgevyviovear V. 11, z¢] om. q. 12. 7é dous V.
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aequilaterum est, et decagoni latus est recta EO. et
in punctis E, Z, H, ®, K ad planum ecirculi perpen-
diculares’ erigantur rectae EII, ZP, HX, 6T, KT
radio circuli EZH®K aequales, et ducantur IIP,
PX, XT, TT, TII, 14, AP, PM, MX, XN, NT,
TE, BT, 70, OIl. et quoniam utraque EII, KT
ad idem planum perpendicularis est, EII rectae KT
parallela erit [XI, 6]. uwerum etiam EII = K1 quae
autem rectas aequales et parallelas ad easdem partes
coniungunt rectae, inter se aequales et parallelae sunt
{I, 33]). ifaque ITD rectae EK aequalis et parallela
est. uerum EK latus pentagoni aequilateri est. quare
etiam ITT latus est pentagoni aequilateri in EZHOK
circulo inscripti. eadem de causa etiam singulae ITP,
PX, ET, TT latera sunt pentagoni aequilateri in
EZHG®XK circulo inscripti. itaque pentagonum ITPXTY
aequilaterum est. et quoniam hexagoni latus est ITE,
decagoni autem EO, et [ IIEO rectus est, IO latus
est pentagoni; nam quadratum lateris pentagoni qua-
dratis laterum hexagoni et decagoni in eodem circulo
inscriptorum aequale est [prop. X]. eadem de causa
etiam OT latus est pentagoni. uerum etiam ITT
pentagoni est. triangulus igitur JTOY aequilaterus
est. eadem de causa etiam singuli trianguli IT4P,
PMZ, ENT, THET aequilateri sunt. et quoniam de-
monstrauimus, utramque I74, ITO latus pentagoni

dotiv] om. V, Z67 q, comp. b. 13. -wlevgov — loo-]
mg. m. 2 B. 15 ] om. q. 16. #oz/, supra add. mlsvee,
V. EZH® V. 17. &ea éotiv P, 19. EO] E® b, OE
q. 21. z¢] om. q. 22. Tdv] om. q. 23. 70 q.
24. forv B. 26. PME b. TET toiyovey V. dons
PVq, comp. b. 27. oty B.
20*
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0t nel 9 AO mevrayovov, (eomAsvgov dgo éarl o
I140 volyovov. &z v adrd 8% xal Exeorov vdv
APM, MEXN, NTE, ETO rouydveov (6oxisvgov
éotwy. &lAjpdo 10 xévrgov Tov EZHOK nvxdov o
5 @ onuelov' xel amd tov D TG TOD xVxAov Eémiméde
wpog Spdag dveardrm 7 DR, xal ufeflijcdew énl Ta
frega uéon wg 7 PP, xal dopeiede Efeyavov piv
7 DX, Oexapdvov 0t éxarépa tov PP, XL, xal
émelevydmeay of 112, IIX, TR, ED, AD, AW,
10 ¥M. xal énel énarége tév @X, ITE ©6 tob xvxiov
émméde moog Opddg farv, mmpddindog dga deriv 7
DX vf) IIE. clal 0% xal l6ow: xol of E®, IIX doa
loor 18 nal magdidniol eleww. EEayovov 6% 4 E @
fkaydvov dpa xal 7 IIX. xoal énmel éEapdvov uév
15 dorwv 3 IIX, dexayawvov 0% 1) X, xal o8y dotiv 4
oo ITXR yovie, mevraysvov &oo otiv 3 ITR. duc
To avre O xel | PR meviaydvov dotiv, émedimeo,
dav imievtmucsy tag @K, X1, 6o xel dmevevriov
éoovrar, xal detiv § DK éx tod xévrgov ovee ie-
20 povov' Efapavov doa xel 7 XT. Odexaywovov 0% 14
XQ, xal dpdy 7 tmo PXQ* mevraysvov dga q TL.
doti 0 el 3§ I mevvapdvov' (60mAsvgov doa fotl
©0 IITR tolywvov. Oia ta avre Of xal Exeorov rdy
Aowwev teydvov, ov Bdesg uév sew of IIP, PX,
25 ZT, TT svdeior, xoguer 0% 10 & onusiov, leomisvedy
dotw. madv, émel éEayovov pdv 7 DA, dsxayivov

2. 1140 q. 3. tolyovoy comp. b, 4. tod xvnlov tod
EZHGOK V. 6. éxPefin q. 7. ¥d b, 8 O¥] ¥ in
ras. m. 1 P. 9. AD]| A¥ P, $4 q. A¥] 40 P.

10. ¥ M] in ras,, dein add. MP V; M¥, del. m. 1 et m. reo.
P. 11. éomw] comp. b, éors PBVq. 12. Ante ®X del.
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esse, et 40O et ipsa pentagoni est, triangulus 1740
aequilaterus est. eadem de causa etiam singuli trian-
guli APM, MXN, NT¥E, ET0O aequilateri sunt. iam
sumatur centrum circuli EZHOK [III, 1] et sit
punctum @. et in puncto @ ad planum circuli per-
pendicularis erigatur @R et ad alteram partem pro-
ducatur ut @, et abscindatur latus hexagoni @ X,
decagoni autem ufraque @¥, X, et ducantur 1182,
Inx, rQ, E®, AP, AP, ¥M. et quoniam utraque
®X, IIE ad planum circuli perpendicularis est, ®X
rectae ITE parallela est [XI, 6]. uerum etiam aequales
sunt. quare etiam E @, II X aequales et parallelae
sunt [I, 33]. sed E @ latus est hexagoni. quare etiam
ITX hexagoni est. et quoniam ITX latus est hexa-
goni, X autem decagoni, et [ JIXQ rectus est [XI
def. 3. I, 29], IIQ latus est pentagoni [prop. X|.
eadem de causa etiam 7’8 pentagoni est, quoniam, si
duxerimus @K, X7, aequales erunt et inter se oppo-
sitae, et @K radius aequalis est lateri hexagoni; quare
etiam X T hexagoni est. decagoni autem X&, et
L TX8 rectus est; quare TQ pentagoni est. uerum
etiam JIT pentagoni est. itaque triangulus 778
aequilaterus est. eadem de causa igitur etiam reliqui
trianguli, quorum bases sunt rectae IIP, PZ, ZT,
TT, uertex autem punctum £, singuli aequilateri
sunt. rursus quoniam hexagoni est @4, decagoni

1 litt, P. eletv PB. XI P. 15. é6tuv] (prius) for P,
elow (. 19. dXB. 21. TQ]1 QT P. 22 &y B
éot(] om. V, Zouiy P. 23. xa(] om. bq, supra m. 2 B.

24, &v] supra m, 2 B.  26. {6zt Pq, comp. b.  pév] dordy
q, pév douv b, AD q.
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0t 7 @W, xal S oty ) Vo AP W yovie, wevra-
pavov dga fetlv 1 AW. dia va avra O ev dm-
Levkopey Ty MD ovoev éfaydvov, cvvdystar xel %
MW mevvayovov. &6vi 0% xal 5 AM mevrayavov*
laomdsvpov dga €6t v0 AMY tolyovov. Opolwg 0
deyjceTon, o0te xel Exeorov Tdyv Aowev TewywvoV,
ov faceg uév elew of MN, NE, 5O, Od, xopvey
0% 10 ¥ onusiov, ledmisvody dotwv. evvéeratas &po
elxoddedgov UmO &lxo6r ToLy@veY (GomAsiomv msgi-
eyducvov. .

dst 0 avrd xol cpalpe weoulafeiv tf dodeloy
xol deibau, Ove %) TOU elxodaédgov mwAsvga &Aoydg doTiv
1 xedovuévy éidcewv.

‘Enel yop éEayavov éativ ) ®X, dexaydvov 6% 4
X, n ®Q Gpa dxgov xal ufoov Adpov TérunTar
xare 70 X, xal ©0 peifov avriig tufuc dotiv v DX
foriv doa g N QP meos iy PX, otrwg § DX
ngog Ty X. loy 0t §) utv ®X vfj DE, 4 0t X
1) @F Eorw Goo wg 1 QD meog iy DPE, otrag
5 E® moog iy OW. xal elaw 6pdal af tmd QOE,
E®W yoviw' dov doa émievopsy tny EQ eb®elav,
opdn Zorar 7 vwd WEL yavie dia Ty ouoidryre
16y WER, OELQ roipdvev. 0w ta avra Oy émel
dotv g 1 QD meds vy PX, otrwg § DX meog
my X, lon 6t n plv Q@ ] FX, 7 0t DX 7jj
X1, %o dpa g v PX meog thy XII, ovrag 4
IIX moog v XK. =xal e tovro wewv dov émi-
LevEouey v ITW, 6pdn &oter 3 meds v I yovie:

8. M P. 4 ¥MP. ‘stiv PB. 7] supra scr. m.
1b. 6. d6t(] om. V, éotlv P. ¥TAM P, d7] om. V.,
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autem @ W, et [ ADPY rectus est, 4P pentagoni
est [prop. X]. eadem de causa ducta M®P, quae latus
est hexagoni, concludimus, etiam M % pentagoni esse.
uerum etiam 4JM pentagoni est. itaque {riangulus
AMYP aequilaterus est. similiter demonstrabimus,
etiam reliquos triangulos, quorum bases sint MN,
Ng&, 5O, 04, uertex autem punctum %, singulos
gequilateros esse. ergo icosaedrum constructum est
uiginti triangulis aequilateris comprehensum.

oportet igitur etiam data id sphaera comprehen-
dere et demonstrare, latus icosaedri irrationalem esse
minorem quae uocatur.

nam quoniam hexagoni est @ X, decagoni autem
XQ, recta &L in X secundum rationem extremam
ac mediam diuisa est, et maior pars eius est ®X
[prop. IX]. itaque Q@ : PX = PX: XR. uverum
DX =QE, XQ=0%. quare QO: PE=ED:DYP.
et anguli QP E, EQ Y recti sunt. ergo ducta EQ
L TE& rectus erit, quia A FEL ~ PEQ [VI, 8].
eadem de causa quoniam est LP: PX = PX: XQ,
et QO =PX, OX=XII, erit FX: XII=I1X:XQ.
quare rursus ducta I7% angulus ad IT positus rectus

Slommv]cs ra scr. m. 1 P. 7mv]gmgm2B
uév] om. B. ore Pq, comp. b. 14. gouv] pév V.

18. $E] &4 Theon (BVbq), item lin. 19. 20. E®] 4D
BVbq (4 e corr. m. 2 B). Q%4 Vbq, 4 e corr. m. 2 B.
21. 4®W BVbq. 492 BVbg. 22 AR BVbgq
23. ¥4Q BVbhq. DAL BVbq Post zoiydvor add. o
dou inl g WL yoagduevoy nymvulwv 77§u ned i Tod A4
Vbq, mg. m. 2 B (xef om. q).  24. 7] (privs) in ras. m. 1 P.

25. ¥X] X¥ q. 27, rovro] Te ovTe q; e S Tor
avré mg. m. 1 b. &l dmledtopsy q.  28. 1] 10 q.
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70 doa éml viig T poupiopsvov nuinvxitov fEe xed
dix tov II. xal éav pevovens tijs TR mepieveydiv
70 NuixvrAiov &g 10 avTo meAw amoxatactadyj, Sdev
fiotaro pépsadar, 7k xal dix tov II xel vy Aomdy
enueloy Tov slxodaddgov, xal Egrar Gpalpn mweoLeLAnyu-
uévov o elxocdedpov. Afywm 01, Otv xal Tff Sodeloy.
rerunede pag 7 DX Olge xatq vo A'. xal émel
e0dela poauuy n DR &xgov xal uéeov Adyov vérpnror
xare 10 X, xal 10 &Aacsoov atris tuqud éoviv ) X,
7 dpa QX mpogAefoice THy fuiceiav ToU ueifovog
rufuarog Ty XA  mevvamddeiov dVvarar Tov axod tijg
nuiseleg Tov peifovog TunuoarogT Wevvamdadiov doo
éotl 0 amo vig A’ vov amd vijg A’ X. xal éon tijg
ptv QA" dimdy n QW, vijs 0t A'X dumiij 5 DX
nevramAdoioy dge d6rl To amo tijg & W Tov amo Tig
XD, xal émel vevoanwiij éovww ) AT vijg I'B, mevvamii]
doa éotlv § AB tijg BI. g 0 # AB mgog v
BT, otrwg v0 amd vijg AB mdg ©0 dmo tijg BA-
mevramidoioy doa éatl ©O amd Tijg AB tov amo rijg
Bd. elydn 0% xal to amd vijg X F mevvamdociov
vov amwd vijg PX. xal éovwv ion 9 4B 15 DX éne-
tége pag avrév lon devl 1] éx Tov xévreov Tov
EZHOK xvxiov ion doa xel 1§ AB zjj ¥R. xul
dotiv 1 AB 7 vijg dodelons opalpag Outuergog” xal
B QR &oa ian éotl v} tijg dodslong opalpag diauéroe.
tf] doo dodeloy opalpe meguelinmror TO slxoodsdgov.

Aéyw 84, 8ti 5 to¥ elxoonédgov mAsvga &ioydg
domiv 1 nahovudvy éAdrrov. émsl pap énri detw 4

2. I1] supra ser. T b. 3. o8ev xaf q. . 4] & P,

;6% q, « mut. in ¢ V, « Bb (in fig. ,a¢ B). 9. flarrey V.
avtiig] éote b, avriig éor Bq. é¢uv] om. Bbgq.
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erit [VI, 8]. itaque semicirculus in ¥R descriptus
etiam per IT ueniet [I, 31]. et si manente ¥ semi-
circulus circamuolutus rursus ad idem punctum refertur,
unde circumuolui coeptus est, et per IT et per reliqua
puncta icosaedri ueniet, et icosaedrum sphaera com-
prehensum erit. iam dico, data id sphaera compre-
hensum esse. nam @ X in A4’ in duas partes aequales
dividatur. et quoniam recta P& secundum rationem
extremam ac mediam in X diuisa est, et minor eius
pars est X, erit 4" 2% =54"X? [prop. III]. est
autem Q¥ =204, PX=24"X. itaque QP?
= 5X®% et quoniam AI'=4TIB, erit 4B = 5BI.
uerum 4B : BI'= 4AB*: B4? [VL, 8. V def.9]. itaque
AB? = 5B4% demonstrauimus autem, esse etiam
QP =5pX: et 4B = ®X; nam utraque earum
radio circuli EZH®K aequalis est. itaque etiam 4B
= PQ. et 4B diametrus est datae sphaerae. quare
etiam PR diametro datae sphaerae aequalis est. ergo
icosaedrum data sphaera comprehensum est.

iam dico, latus icosaedri irrationalem esse mino-
rem quae uocatur. nam quoniam diametrus sphaerae

7] 76 bq. 10. % &ea X} om, V, 5} QX deer q.,, 4’ et
4 non discernunt Bbq, in V « in « corr. 13. wd b, mag

v

(s eras.) B. A'X] sey (s eras.) B, zo V, 32 q, &7 b.
#ol — 14. 24} om.q.  18. domv PB.” 14. QA4'] in ras. V,

awg (¢ eras.) B. duxly; Ot vijg QA 7 QF q et b mg.
m. 1(ye) X&V. 16. Xd] e corr. V.  zergamlacdiov
BVhq. gozv] om. q. wevraniocloy V et, supra scr. 7

m. 1, b.  17. é6z/v] om. V.  BI'] in ras., dein add. éomw

V, I'B B. AB — 18. t7jg (prius)] bis P, corr. m. 1.

19. éotiv B, 20. 8¢] om. b. 21. fon] om. V. 4B loy

V. 22. éotiv PB. t0t xvulov rov EZHOK V.

28. EZH® q. x»eljom. q. tis Q¥ Db, 25. {otly PB.
28, élassov BV q.
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17 palpas didueTgog, xol oty dvvdus wevranacioy
g éx Tov xfvrgov tot EZHO K wixdov, ¢nry doa
dorl xal 1 éx Tov xévrgov 1o EZHOK xvxiov: wore
xel 1) didpergog avrov $nry dovw. fav OF &lg xvxiov
5 gqra Epovia THY Ouipsrgov meviaywvov [GomwAsveov

M

\
L)

H K

éyyoaqfi, N ToU mevraywvov mAsvpx dAoyds doTiv 7
xahovpévy éddrrov. 3 0% rov EZHOK mevrayavov
wAsvea 4 ToD &lxocaédgov detiv, v dow Tob elxocaidgou
nAsvga FAoydg dorv 1 xadovuévy éldrrew.

1. donv B. tergamiaciov b. 2, EZHO q. 3. dortv PB,
7. 8ldgoovy V. 17 0t b, 8. 7 dexnib. 9. éldcoaw P,
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rationalis est et potentia quintuplo maior est radio
circuli EZH®K, etiam radius circuli EZHOK ratio-
nalis est, quare etiam diametrus eius rationalis est.
sin in circulum rationalem diametrum habentem penta-
gonum aequilaternm inscribitur, latus pentagoni irra-

4

B

tionalis est minor quae uocatur [prop. XI}. uerum
latus pentagoni EZHOK latus est icosaedri. ergo
latus icosaedri irrationalis est minor quae uocatur.
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Hdgiopea.

‘Ex 07 toUrtov gavsgdv, Oti 3 tiig Opalgag Oid-
uergog Svvdus, mevramlaolov fotl rijg éx Tod xévrgov
10U xUxAov, 4@’ ob td &lxocdedgov dvaydygamrar, xul
0ty 1 tiig epalpag diduetgos ovyxeitar Ex e THg TOD
tbayadvov xal 0vo tdv tov dexaywvov Ty &g TOV
abTdv xvxdov ppeapoudvey. OSmse £0e delfar.

of’.

dodexcedgov vornoaddar xal cpalog megL-
Aefeiv, 1§ xal T moosionuiva ayfuere, xal
detbar, 6t ) T00 dwdexaédgov wisvoa &hoydg
éotiv § xalovudvy dmorous).

"Exxelodweav tov mposonuévov xvfov dvo émimsdu
npog bpdag aAlrjrowg v« ABI'Ad, TBEZ, xal tetuj-
69w indory vov AB, BI, I'd, A4, EZ, EB, ZT"
nievgoy Olye xeve va H, ®, K, A, M, N, &, xal
inctevydwoay of HK, @4, M@, NF, xal terpijcdo
éndory oy NO, OF, OII axgov xal uéoov Adyov
xere te P, X, T onusla, xel f6ro avrdv peifove
tuijuere te PO, 02, TII, xal dvesrdroday dxd tev
P, X, T enuslav tolg tov xvfov émimédoig mpdg dedag
énl 1o dxrog uden rov xVfov of PP, TD, TX, xal
xelodweay low tais PO, OZ, TII, xal énctevydacay
o«f TB, BX, XI, ['D, ®T. Adya, 3o vo TBXID
neviayovoy (gomisvooy te xel év &vl éminédp xal i

1. moqiopa] om. bq. 3. éotlv B. 5. t09] om. BV,
6. zov dvo V. 7. Snee £0sr dsifee] om. BV,
8. if'] om. q. 9. ovvetnoasdar P, corr. m. rec.

10. mgostgnuéve] meotegoy q; mg. m. 1: yo. s medregoy b.
13. »vflov] wvxlov comp. b. 16. & onueia V. 17, zepr-
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Corollarium.

Hine manifestum est, diametrum sphaerae potentia
quintuplam esse radii circuli, in quo icosaedrum de-
scriptum est, et diametrum sphaerae ex latere hexa-
goni et duobus lateribus decagoni in eodem circulo
inscriptorum compositam esse. — quod erat demon-
strandum. ’

XVIL

Dodecaedrum construere et sphaera comprehendere,
sicut figuras, quas supra nominauimus, et demonstrare,
latus dodecagoni irrationalem esse apotomen quae
uocatur.

exponantur duo plana cubi, quem nominauimus
[prop. XV] inter se perpendicularia 4BI'd, I'BEZ,
et singula latera 4B, BI, I'd, 44, EZ, EB, ZT"
in binas partes aequales dinidantur in punctis H, @,
K, 4, M, N, 5, et ducantur HK, 64, M®, N,
et singulae NO, OF, ®II secundum rationem extre-
mam ac mediam in punetis P, X, T secentur, et maiores
earum partes sint PO, OX, TII, et in punctis P, X,
T ad plana cubi perpendiculares in partes exteriores
cubi erigantur PY, X®, TX, et ponatur P = PO,
Z0=02Z2, TX = TII, et ducantur B, BX, XT,
I'®d, @7. dico, pentagonum T'BXI'® et aequilaterum
esse et in uno plano positum et praeterea aequiangulum.

odwcay of NO V. 18, @II] II e corr. m. rec. P; @IT
edFsioe V. 21. uﬁﬂoq& %Pxlov comp. b. 22. xvfov] in
ras. V. PT] P eras. 23. éuxclodwoay P, 24. BX,

XI'l X, XI'in ras. m. 2 V. I'd] mg. m. 2V, I'X B,
TBXI'®] pro XI'inq X corr, ex I' m. 1.  26. émnédp] in
ras. m. 2 V.

-



10

15

20

25

318 EITOIXEIQN iy,

l6oywvidy dotwv. émefevydwoav yag af PB, X B, ®B.
xol el e0dela ) NO angov xal uéeov Adyov rérunrar
xara 70 P, nal 10 peifov rufjue forw 7 PO, ta dpo
dno oy ON, NP roumddeid éote 100 damd tijg PO.
ion 0 1 ptv ON tfj NB, % 0t OP tfj PT" 1 dpa
and tév BN, NP touwddowr €6te vo¥ amd tijg PT.
roig 0% dmo 1y BN, NP 16 ano tijg BP éonwv icov*
70 dpe amd tijg BP rouwddaidy dovt tov dmd tig PT
@6t 0 ano rdv BP, PY rerpamideid ot tov amd
tiig PT. volg 0% and tdv BP, PY idov éorl 70 dmd
tiig BT 10 dga and vijg BT tevoamidoiéy dorve tov
ano tijg TP dumdi) dga Zotlv % BT vijg PY. &on
0% xal 9 DY tijg TP dumidij, émeidijmeg xal ) TP zijg
OP, rovtésrs tijg PY, doru dumdyys loy doo ) BY i
T®. ouolwg 01 Oeydioerar, ote xal éxdern vév BX,
XTI, I'® éxarépe vy BT, TP éonwv ion. (6omAsvgov
&oe éotl 70 BYOI'X mevvayovov. Aépeo 01f, Ot xal
v &l dovw dmumédp. 7yde yeo dxd o O Exarége
1év PT, Z® magdliniog éml ta éxrdg oD wVPov
uéon n OW, xal énelevydmoay of ¥O, OX: Adyo,
Ore ) PO X e0@eia domv. émel pop 1) OII dxgov xal
péeov Adyov térpyrar xove vo T, xel vo peifov avrig
rufjue éotw % IIT, éonww dpa ag §) OIT mpog v
IIT, otrwg 1 IIT medg v TO. len 6% 5 udv OIT
tf] @0, 7 0t IIT éxavépe tdv TX, OF &onwv doa
wg ) ©0 medg Ty OW, otmwg v XT moog vy TO.
xal ot mapddinlog 7 utv @O0 1 TX: éxaréoa peo
avtov t6 Bd fmméde moog doddg fomiv % 0 TO
vfi OW" éxarépa yoo alrév v¢ BZ émmédp meog

3. peitov ewrig V. PO] in ras. V. T¢] 76 q.
4. NP] HP B. roumidoia] mut. in rouwlaeioy m. 1 q.
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ducantur enim PB, XB, ®B. et quoniam recta NO
secundum rationem extremam ac mediam diuisa est
in P, ¢t mailor pars eius est PO, erunt ON*? 4- NP?
= 3PO? [prop. IV]. uerum ON = NB, OP = PY.
itaque BN?® 4 NP? = 3PT% est autem BP%:= BN?
+ NP? [I, 47). itaque BP®=3PT% quare BP?
4+ P72 =4PT% uerum BT?= BP® 4 PT? [], 47].
itaque BT? = 4PT% quare BY = 2P7. est autem
etiam @T= 2 I'P, quoniam etiam ZP=20P=2PT.
itaque BT = T'®. similifer demonstrabimus, esse
etiam singulas BX, XI', I'® utrique BT, T ® aequales.
ergo pentagonum B TP I'X aequilaterum est. iam dico,
idem' in uno plano positum esse. ab O enim utrique
PT, Z@® parallela in partes exteriores cubi duecatur’
OW, et ducantur O, @X. dico, FOX rectam esse.
nam quoniam @IT in T secundum rationem extremam
ac mediam dinisa est, et maior pars eius est IIT,
erit @II:IIT=1IIT: TO. uerum @Il =GO, IIT
= TX=0W. itaque @O: 0¥ = XT: TO. et ®0
rectae TX parallela est (nam utraque earum ad pla-
num B4 perpendicularis est) [XI, 6] et T@ rectae
O% (nam utraque earum ad planum BZ perpendicu-

éemy P, 6. PT] PI q. 6. NP] Pe corr. V.

9. éotwv P. 10. PT] (alt) PI" q. 11. &ee] bis P, postea
corr. m. 1. 12, dor&v] om. V.  femw B. 13, TP dunlij]
in ras. V. ZP] supra ras. m, 2 q. 14. PT] corr. ex
PI'm. 1 q. dotiv B. 15, #af] om. q. BX] ®X q.

18. dotwv] #ins. m. 1 q. 7zdw] 4 e corr. m. 1 b.

20. péon tov wvfov V. O] © e corr. m. 1 b, 22. 1¢-
yov] om. b. 23. tjvy IIT] IIT in ras. V, IIT Bb.

24. @II} 11O P,
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dpdds éorwv. dav 0t Ovo Telyove Guvtedy xata plov
yoviev, og ra FOO, OTX, wg 0vo wlevoag vals
dvoly avdioyov Eyovre, dore Tag Opoldpovs avTHY
nhevoas xal megariiiovg elvar, ol Aowmwel svdsior
evBelag Eovron’ én’ evdelug doa oviv ) WO 77 OX.
mioe 0 evdela v évi dovw émméde: v fvi Goa émi-
nédo éotl 10 TBXI'P mevraywvoy.

Aéyo 07, 0t xal leoyavidy demuv.

‘Enel pag svdela yoauuny v NO dxgov xal uééov
Adyov rérunrar xeve vo P, xal vo pellov tuijua foriw
% OP [forwv dpa og cuvaupdregog 7 NO, OP moog
v ON, ovrwg 7 NO mgég tqv OP], ley 0t 7 OP
] OF [onwv doa wg ) ZN mods v NO, ovrag
7 NO mgog v O], § NX doa éxgov xel uésov
Adyov Térunrar xere 1o O, nal 10 peifov rujud oty
7 NO* ra dga and rév NX, £ O roiwdacia é6ti v0v
and vijg NO. lon 0t 7 udv NO vj NB, 5 6 OX
] 2P ta doe amd rdv NX, XD terodyove Toi-
whdoid dove Tov and tiig NB' dere te dnd tov O X,
XN, NB rsvpamidewe é6ve sov anmo tjg NB. woig
0t and tov XN, NB loov éotl 16 amd rijg ZB* ta
dga amd tév BXE, X®, rovréem. 76 amd tiig BD
(ogﬂn yag n vno OB ymwa), zszganlamov dore
to0 amo g NB' dumly dge éotiv %) ®B tijg BN.
Zote 0% nal %) BI vijgc BN dumdj® Loy dga oriv 1)
B® 7vjj BI. xal émel dvo of BT, TP dvel talsg BX,
XI' loow slolv, xal Pacig m B® fdes vj BI' ilem,

2. ®TX] OTX B, et b supra scr. ® m. 1. 3. dvol
(d‘vo q) wdsveais Theon (B Vbaq). wmievgas avrdv q. 4. nlev-
eds] om. V.  xal] om. P. B, OX b, 6. dou] yde éomww
qa- éminédep doo B. 7. éot{] om. q; dorty P.” TBXI'®)
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laris est). sin duo trianguli in uno angulo con-
iunguntur ut ¥0®, ® TX duo latera duobus lateribus
proportionalia habentes, ita ut latera correspondentia
etiam parallela sint, reliqua latera in eadem recta
erunt posita {VI, 32]). itaque ¥®, ®X in eadem
recta positae erunt. omnis autem recta in uno plano
posita est [XI, 1]. ergo pentagonum PBXI'® in uno
plano positum est.

iam dico, idem aequiangulum esse.

nam quoniam recta NO in P secundum rationem
extremam ac mediam diuvisa est, et maior pars eius
est OP, et OP = OZX, recta NX in O secundum ra-
tionem extremam ac mediam diuisa est, et maior pars
est NO [prop. V1)) itaque NX% 4 X0® = 3NO*
[prop. IV]. uverum NO = NB, OX = X@. itaque
NX? + Z@®®=3NB2 quare ®X* 4 XN% | NB®
=4NB: sed TB*= XN®- NB? [I, 47]. itaque
BX* 4 XP? =4NB? = B®* (nam [ ®ZB rectus
est) [XI def. 3]. itaque @B = 2BN. uerum etiam
BI'=2BN. quare B® = BI. et quoniam duae
rectae BT, TP duabus BX, XI' aequales sunt, et

1) Forma prop. V, ad quam apertissime hic respicit Eu-
clides, docet, unerba Zovwy &g — OP lin. 11—12 et forwv
o — 0Z lin. 13—14 superuacua et subditiua. esse. nec satis
est cum ed. Basil. et Gregorio pro OP lin. 12 OX scribere.
T eras. V, post & ras.; BXI'®T w0 BI'X®T q. 9. e,
postea add. « m. 1 P. 13. =j7] =i b. 17. ON bis V.
18. =] corr. ex tge m, 1 P. 19, mare]Pcorr ex ooe m. 1 b;

wore xal V.  zd] om. q.  20. oz 21.-ZN] N in
ras. m, 1 b. Z‘B]BZ‘mra.smiPBZ'BV 22, BX]
ZB b. tovtéony P. dB V. 24, fotiv] om. V.

25. fotwv PB. éetiv] om. Vq. 26. BP] corr. ex $B V.
27. #lef Vbq. ®B Vq.

Euclides, edd. Heiberg et Menge. IV. 21 x
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ycow’a doa n vmd BTD ymm’a 1:17 vwo BXI éoniv
ion. oyong 61; dstgoyw, 6t xal 3 vmd YOI yavie
loy éov) vij tmd BXI" of dge ©1d BXT, BY®, TOI"
toels yovior looa alliheig eloly. éoev 0t meviaydvov
loomievoov of toely yovia 6o ¢AAjiars dew, (do-
povioy €6tar 10 mevaywvov: lGoymviov dge €6t TO
BYO®I'X meveayovov. £&0ely®n 0% xal lodémlevgov*
70 &ga BT PI'X mevrdyovov (66mAevody ot xal (6o-
yoviov, xel éotiy énl pidg tov xUfov mAsveds Tijg
BI. ‘éev doa €9’ éxdorng tov tov xVfov dwdexe
TASVQBY TE aUTE XUTEOREVEGOWEY, Ocvotadiosral To
oynue 6Tepe0y Vo Owdexa mwevtaydvey (GomAsvomv
e nal l6opvioy weLegdusvoy, 0 xadsitar dwdsxdsdgov.

dst 0y avrd xnel 6palpe meguiefely Tf dodeley
nol Oetfar, O8te 7 ToU Odwlexaédpov mlsvea &loydg
éoTiv n nadovudvy dmotour).

Expefirijodo yeo § FO, xal f6t0 % PR cvu-
PeAde. dge 7 OK tfj tob xVfov Siauérom, xal Oiye
Téuvovow cAljlag' vovro yap 0édsiutar dv T mego-
redevre Demoruare Tov vdexatov Pifilov. reuvérmoay
xose T0 ° 10 L doa xévigov orl tijg opalpag Tijg
megudapfavovons tov xvfov, xal § KO juicse Tig
nhevods rov xfov. ‘Emeledydo Of 7 TR. xal émel

2. dsiybnkopev, sed 187] del, b. 8. éorsv PB.  BXT]

(prius) X in ras. m. 1 P. 5. toonlsvoow q. dow] corr. ex
tloivm. 1P. 6. é’czou.] 6t BV. 7. BY®XI'q. ~ &¢] om.
q. 8. ¢ éomv P. 9. wvfov] xvxlov b. 13. 7¢] om.

P. & noleitar dwdenaedgov] om. Theon (BVbq). 17.¥Q]
¥O0q. ovpfoiss P. 18, O.Q] 02 B, F¥Q Vb, ¥O q.

#vfov] xvndov comp. b, corr. in 0. 19. zepovery, coOrr. m.
1, P. uupou:slsma(m q. 21. z6] (alt.) xed 70 q.
22. 02 V, 26 B. Ante 17 del. dom m. 1 P,

23. I'Q q.



ELEMENTORUM LIBER XIII. 323

basis B® basi BI aequalis, erit [1, 8] L BI'® = BXTI.
similiter demonstrabimus, esse etiam
L ?@®I'= BXT.

itaque tres anguli BXI, BY®, T®I inter se aequales
sunt. sin pentagoni aequilateri tres anguli inter se
aequales sunt, penta-
gonum  aequiangulum
erit [prop. VII]. ergo
pentagonum BYPI'X
aequiangulum est. de-
monstranimus  autem,
idem aequilaterum esse.
ergo pentagonum

BY®I'X

Z

H IT K aequilaterum est et
aequiangulum, et in uno
latere cubi B I construc-
tum est. itaque si in

A A 4

singulis duodecim late-
ribus cubi eadem comparauerimus, figura quaedam
solida construetur duodecim pentagonis aequilateris et
aequiangulis comprehensa, quae uocatur dodecaedrum.

oportet igitur idem data sphaera comprehendere et
demonstrare, latus dodecaedri irrationalem esse apo-
tomen quae uocatur.

producatur enim ¥O0, et fiat FR. itaque O
cum diametro cubi concurrit, et inter se.in binas partes
aequales secant; hoc enim in paenultimo theoremate
undecimi libri demonstratum est [XI, 38). secent in
Q. L igitur centrum est sphaerae cubum comprehen-

dentis, et 2 O dimidia lateris cubi. ducatur Q. et
21*
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s0dela poapun 1 NX dxgov nal uésov Adyov térpnrar
xeve 70 O, xal vd ueitov edrig tufud éotv 4 NO,
re doa dmwo tdév NXE, X0 vouwldoid éote Tod amo
wiis NO. oy 0% 7 udv NX vfj TR, émeadimep xal
7 wtv NO 1] 0 é6nwv lon, 5 0t PO vfj 0. dlhe
unv xal 9 O vfj Y, énst xal vj} PO* va doo axo
1oy &P, TY touwhdoid ot vov and vig NO. voig
0t and v Q¥, TP igov é6rl 10 émod rijs TR’ o
dpa amd tig TR roumddoidy éove 1ov dmo tig NO.
fore 0t xal 7 &x o xévrgov vijg opalpeg Tijg mEQL-
AeuBavoveng tov xvfov Svvdus rouwAadiov Tijs nuc-
gslag tijs 10U xVPov wAsvodg: mpodédentan pap xvPov
ovorijoacdor xel cpalpe meoiAafsty xal detber, Ovi 7
tijg opalpag Odpcroog duvduse toumdaciov éotl Tijg
mAsvgdg tov wvPov. & OF B8Ay tig GAng, xel [1]
nuiese THg Nueslag' xel ety § NO qulese tijg
T00 xVPov mlsvpdg % doa TR len fovl tij éx ToU
xévrgov tijg opaloas vijg megiAaufavovens Tov xvfov.
xel éote 1O & xévvgov vijg Gpalpas Tig meotdapfe-
vovens tov xvfov: 10 T dga onusiov modg i émi-
pavely éotl tijg opalpas. Ouolwg 07 delkouev, oOre xal
éndorn tOv Aomdy yovidy tob dwdexaédpov meodg T
émpavely dotl Tig epalpag® megielAymron dga TO do-
dexacdgov ©f) dodelon opalpq.

1. NE B, corr. m. 1. 8. doriv P. 4. NO] NE B.

9. &po] om. q. T09] 76 q. 10. #6uv PB. zij¢] (alt.)
bis b. 12. vijg] ins. m. 1 V. 8édsintan q. 14, dv-
vops] om. P. dimdaciov B, corr. m. rec. dotiv PB.

15, ¢f] 5 V. 7 6An Ba. 7] postea ins. m. 1 P,
e q. 16. fuloste — NO]J bis P, postea corr. m, 1.
17. éozly P. 19. fouv B. 20. onusiov &oa q.
22. =y émpdveiay q, v bis supra scr. m. 1 b, 23, doedy P.
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quoniam recta N2 in O secundum rationem extremam
ac mediam diuisa est, et maior pars eius est NO,
erunt
NX? 4 208 = 3NO? [prop. IV].
sed N2 = ¥Q, quoniam
NO=08, PO0=02Z.
et praeterea
02 =TT,
quoniam OX = PO. itaque
QP? 4 T =3NO
uerum
PQE = QW + T* I, 47).
itaque
rR%=3NO?
sed radius sphaerae cubum comprehendentis et ipse
potentia triplo maior est dimidio latere cubi; nam
antea explicauimus, quomodo cubus construendus sit
et sphaera comprehendendus, et quo modo demon-
strandum sit, diametrum sphaerae potentia triplo ma-
jorem esse latere eubi [prop. XV]. sin tota triplo
maior est tota, etiam dimidia triplo maior est di- -
midia; et NO dimidia est lateris cubi. itaque 1Q
radio sphaerae cubum comprehendentis aequalis est.
et & centrum est sphaerae cubum comprehendentis.
quare punctum 72 ad superficiem sphaerae positum
est. jam similiter demonstrabimus, etiam reliquos
angulos dodecaedri singulos ad superficiem sphaerae
positos esse. ergo dodecaedrum data sphaera compre-
hensum est.

r 4
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Aéyw 07, O 7 vov dwdexaidgov mAsvga &Aoyds
dotwy 1) xadovudvy dmwovour].

"Emel yap vijs NO é&xgov xal uédov Adyov terumn-
pévne ©o psttov tudjud éotw 7y PO, vijg 0t OF éxgov
xal uégov Abyov tevunuévmg v ueifov tudjud forww 17
02X, 3iys doa tijg NJ& dngov xal uéeov Adyov teuvo-
uévne o uetfov tujua dotiw v PX. olov énmel doriw
og 7 NO medg v OP, 5§ OP modg v PN, zal
ta Ouwhdoe: ta pog uden volg ladug moldemAaolois
vov adrov Ege ASpov: dg foe 1 N meds vy PX,
ovrmg ) PX moog ovvaugpotegov tyy NP, X5, uelfov
0t 4 N5 ©ijg PX' pellov &po xal % PX cvvaugo-
tégov tijs NP, X5 5 NE dga &xgov xal péoov
Adyov térunrer, xel 10 peifov avvic Tutud 6Ty 7
PX. oy 0t § PX tfj P® vijg doa NE dxgov xal
péaov Adpov tsuvoudvns 1o psifov Tufjud ot 1 T O.
xol émel Omrve) dovwv %) vijg dpalpag didustgog el éote
dvvaper toumiaclov Tig Tov xVfov wAsveds, ¢nry doa
dativ 1'1 NfE mhevga ovoe tod xUfov. éov O} Gney
ypamm dxgov xol y.e’dov Aoyov Tundf, aua-regov THY
TUNUETOY aloyog dorwv anotom)

‘H 1@ aga nAsvQR oVGA TOD d‘m&suaedpov aloyog
éotiv amorour].

1. %] om, q. 8. Post rij¢ ins. pév m. rec. P. TEUVO-
pévne P; item lin, 5. 6. zeTpunuévng bq. 8. -NO] ON B.
oP (pnus) e corr. V; dein del. nel e dimldore,

9. lodxig] woavros B. 10. ag] xel og b. 15. N5 dox q.
16. zezpunuévns bq. ST P. 17, édouw PB. De scholio

quodam in P hic adscripto u. app. 20. ygayp,n ¥ uh b,
corr. m. 1; sddsin ypamﬂ] q. TérunTar q. fnarége q.
21. oz "7 sadovuévny Vbq, e corr. m. 2 B. 28. doruy 7

xelovuéyy Vbq.
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iam dico, latus dodecaedri irrationalem esse apo-
tomen quae uocatur. nam quoniam PO maior pars
est rectae NO secundum rationem extremam ac me-
diam diuisae, et OX maior pars est rectae OF se-
cundum rationem extremam ac mediam diuisae, PX
maior pars est totius rectae NJE secundum rationem
extremam ac mediam diuisae. quoniam enim') NO
:OP=OP: PN, etiam dupla eandem rationem habe-
bunt; nam partes eandem rationem habent quam aeque
multiplicia [V, 15]. itaque N5: PX = PX: NP+ X 5.
sed NE > PX, itaque etiam PX > NP4 X5 [V, 14],
ergo N X secundum rationem extremam ac mediam di-
uisa est, et maior pars eius est PX. sed PX = T'Q.
itaque '@ maior pars est rectae N5 secundum ra-
tionem extremam ac mediam diuisae. et quoniam dia-
metrus sphaerae rationalis est et latere cubi triplo
major est potentia, etiam NS5, quae latus est cubi,
rationalis est. sin recta rationalis secundum rationem
extremam ac mediam diuiditur, utraque pars irratio-
nalis est apotome [prop. VI]. ergo 1'®, quae latus
est dodecaedri, irrationalis -est apotome.

1) Uocabulo olov lin. 7 nidetur significari, rectam V. non
proprie secundum rationem extremam ac mediam divisam esse,
quia pars minor ex NP, X5 diiunctis composita est. quod
hic parum refert, quia maiore parte sola utimur. sed fortasse
totus locus ofov lin. 7 — éomy 7 PX lin. 14 subditinus est.
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Idgiope.
’Ex 0 Tovrov @aveedv, 8te tijg Tob xvPov misvods
dxgov xal uédov Adyov teuvoudvms vo usifov Tufud
dorwy 3 1o dwdexaidgov mAsvor. Omsp Eder dsitar.

’

o',

Tag mwAevoas TOV névre Gynudroy éxdécdac
xal ovyxpivalL meog ¢AAjias.

’Exxelodo 1 vijg dodsiong ogalpag Oducroog 4
AB, xol terpiede xeve 16 I' dove lony slvar Ty
AT ©5j I'B, xate 0% 10 4 dore dimdadiove sivew
iy Ad tijg 4B, xal yeyodpde émi vig AB -
xvxdiov 10 AEB, nal ano tdv I, 4 15 AB mdg
0pdas fjydwoay «f 'E, AZ, xal émetevyfocay «of
AZ, ZB, EB. %ol énel duwhij dovv 3 AA tijg AB,
toumdy] dga é6tlv ) AB tijc Bd. avacveépavre
nuiolie doo éotiv 7 BA wig Ad. g 0t 1) BA medg
iy Ad, otrwg T6 and tijg BA medg 10 amd g AZ*
looyaviov pig éote 10 AZB volyovov v AZA toc-
yove* fuiddiov e éotl 1o dmo tig BA tob dmd
tijig AZ. Eor 0% nal 3 tijg 6palpag diduergog dvvduse
nuorle tijg wAsvedg Tije mveauidog. xai éotww 4 AB
N vijg opaipag Odidpergos: 1 AZ oo ion fotl T
mheved Tig mugapidog.

Haiw, énel dimdaolay doviv ) A vijg AB, voimid
dgu éotlv v AB vijg B4. og 0% 5 AB medg Ty B4,
ovtwg 0 dmo 1iig AB medg 1O dmd tijg BZ' voumhd-

1. mogiope] comp. mg. m 1 PBVq, om. b. 3. zeTpy-

pévns ba. 4. omep £0e1 deikou] om. Vq, 0)— b. 5. ']
om. Bbg. 9. xaza uéy BV, 10. 7] corr. ex zijs B.
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Corollarium.

Hine manifestum est, latus dodecaedri maiorem esse
partem lateris cubi secundum rationem extremam ac
mediam dinisi. — quod erat demonstrandum.

XVIIL

Latera quinque figurarum exponere et inter se
comparare.

Exponatur diametrus datae sphaerae 4B et in I'
ita secetur, ut sit 4I'=I'B, in 4 autem ita, ut sit
Ad = 24B, et in 4B semicirculus describatur 4 EB,

H et in I', 4 ad 4B perpendicu-
| lares ducantur I'E, 4Z, et
N\ E g ducantur 4Z, ZB, EB. et

quoniam est 44 = 2.4 B, erit
AB = 3B4. itaque conuer-
tendo BA=3,44.  sed
g BA:AAd=DBA®: AZ® [V def.
9]; nam AZB ~ AZA4 [V], 8].
itaque BA® = 3/, 4Z% .uerum etiam diametrus sphaerae
potentia lateris pyramidis sesquialtera est [prop. XIII].
et 4B diametrus sphaerae est. ergo A4Z lateri pyra-
midis aequalis est.
rursus quoniam A4 = 24B, erit 4B=3Bd.
sed AB:Bd = AB*: BZ? [VI, 8. V def. 9]. itaque

A K T 44

I'B]lI'corr.ex 4 V. Simlaciov P, o supra ser. m. 1.

12. 4] e corr. m. 1 b. 14. Ante 4Z del. TE, 4Z m. 1 P.
AZ, ZE, EB B; ZB, EB, 42 q. 15. tqinlacle q, mg.

m. 1 roumlasle yo. b. Bd] 4B B. 18, ABZ b.

20. fouiv PB. 22, dozty P. 28. mijg] om. Vq. 24, zoi-

#wl7] teumdacioy P, 26. ZB Bbq.
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Giov &pa Zotl o amd s AB vov and vig BZ. Zome
0t xal 7 vijg epaipag OiducTpog Ovvdust TEITAaclov
7jg 100 #VPov mAsveds. xai éoviy 9 AB % tiig opalpag
didpstgos® ) BZ doe tov nvfov ol mAevgd.

Kol énel lon éoviv 7 AT vij I'B, duxdij dpa éotly
9 AB tijg BI. g 0t 5 AB mgds iy BI, oVrawg
70 and tijg AB mede 10 amo vijs BE' diuwhdGiov dga
éotl ©o amd tijg AB vod amod tijg BE. &ove 0% xedd
N 7g 6palpng Oidusrgos Ovvdus: Oixdaciov Tig TOD
Sxraédpov mAsvodg. xol detiv v AB 7 tiig dodelang
opalons OSuduetgog® 1 BE dpa rob dxraddpov ot
nAsvpd.

"Hybo 07 amd tov A oquslov i AB e08ele meds
dodag v AH, xol xelo®w 7 AH ley tfj AB, xai
énstevydo ) HI, xnal dnd 100 O éxl vy 4B xd9erog
0w % OK xol émsl Oimdij éovw ) HA vijg AT
lon yog 7 HA ©5j AB° og 0t 7 HA mgog vy AT,
odraws 7 OK mpdg v KT, duwdij doa xel § OK tig
KTI. rergamhdoiov dpa o1l 70 dmd i @K vod amd
tijg KI'* v dga dnd vev OK, KI, meg éotl 10 and
tiig¢ OT, mevramdagidy éotu vod amd vijg KI. lon 62
% OI v} I'B* mevranidowov &pe éotl td dmo vijg BIT
tov and vijg I'K. xal émsl Oumdij dovv % AB vijg
I'B, év % Ad vijg AB éov duwhij, Aoumy &ga 7 BA
Aoumiig viig AT éove Oumdij. touwdij dge 7 BI zijg
I'4: édvvemidowov &oe t6 amo tijg BI' 100 amd vig
I'd. =mevvamidoioy 0% to dnd tijg BI' vob amd vijg
T'K* psitov doa vo amo viis I'K vob amd wig I'd.

1. éotiv P. ZB B. fotv PB. 8. wdulov P, corr.
m. rec. 8. 4at!] oty P, om. V. t0d] meos 6 q.
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AB?* = 3BZ% uerum etiam diametrus sphaerae latere
cubi potentia triplo maior est [prop. XV]. et 4B
diametrus sphaerae est. ergo BZ latus cubi est.

et quoniam AI'=TI"B, erit 4B = 2BI. sed 4B
:BI'= AB%*: BE® [VI, 8. V def 9). itaque 4B*
= 2BE® uerum etiam diametrus sphaerae latere
octaedri potentia duplo maior est [prop. XIV]. et 4B
diametrus est datae sphaerae. ergo B Elatus octaedri est.

iam ab 4 puncto ad rectam 4B perpendicularis
ducatur 4 H, et ponatur 4/ H = A4 B, et ducatur HT,
et a ® ad 4B perpendicularis ducatur @K. et quo-
niam HA = 2AI (nam HA = AB), et HA: A
= @K : KI" [VI, 4], erit etiam @K = 2KI. itaque
OK®?=4KI® quare @K: + KI"? =5KI" = @I
(I, 47). uwerum @I’ = I'B. itaque BI'® = 5I'K®% et
quoniam 4B = 2I'B, quarum 44 = 24 B, erit B4
=24I. itaque BI'=3I'4. quare BI'* = 9I'4%
sed BI” = 5I'K® itaque I'K®> I'4% quare etiam

fouiv PB. 9. toimlaclowy b. 11, BE] E corr. ex @ m,
rec. P. nlevoa fote q. 14. 7} AB ioy 7 AH V.

16. AH V. 17. HA] 4AH q. 75} ©ijs P. 18. »xal] om.
q. 19. doviy P.  20. doriv P. 21, éoriv PB. 24, I'B)
Br'V. éouv PB. Bd] supra scr. 4 b, 26. 4T’} I'a
P.  26. I'd] in hoc uocab. des. b, leiwer pilia ig mg. &
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uectov goa dotly 5 I'K vijg I'd. xelodo tij T'K loy
n I'd, xal ano tod A vfj AB modg dpdds Hyde =
AM, xal émelevydo 1) MB. xel émel mevreamddeidv
éovs 70 and tijs BT tod ewmd vijig 'K, xai éov tijg
u¥v BI" dumhi} § AB, vijg 0% I'K dumhi} vy KA, mevre-
mldeioy &ga fotl 16 dmd vijg AB zov amd vijg KA.
éote O xol 0 vijg ogulpag duiustgog Ouvvdus mevie-
nheolov tig éx Tov xévrgov ToD x¥xlov, 4@’ ob 7O
slnocdedpov avayéypamsar. xal dorw % AB % vijg
opalpas Ouepctoog 7 KA doo éx tov xévrgov Zdord
ToD avxdov, ¢@’ ob T elxocdedgov dvayiygamrar 7
KA apa éaydvov éoti mhsvea Tob elonuévov xvxiov.
xal émel 9 1ig opaloag diducrgog evyxsiTaL Ex TE TG
rov Eoydvov xal d¥o Tdv ToU Odexayovov TRV &lg
1ov slomuévov xvxdov dyyeagouévav, xal dovv 3 piv
AB 1 tijs 6gpalpag Oiudpergog, n 08 KA éaywvov
mheved, xal lon § AK vfj AB, éxavépa doa viv AK,
AB dexayavov éatl whsvoa tov dyppagouévov &ls 1oV
xUxdov, d@’ 00 TO &lxoodsdgov aveyippemrai. xal
énel dexayovov utv ) AB, Ekaydvov 0t § MA" ley
yao dotu vij KA, énel xol 1) @K loov yag andyovory
amo tob xévrgov: xal domv éxoxdpn rev OK, KA
dumdeolov tig KI mevraydvov doa éorlv 4 MB.
7 0% 7ov mevraywvov dotlv 9 Tov elxocaédpov’ &lxo-
caédoov dea dorlv 4y MB.

Kol émel % ZB xvPov éotl mievpe, terutjode
axpov xel péoov Adyov xara 0 N, xel éotw psifov
tufjpe 0 NB* ) NB dpa dwdexaédpov éotl mAsvod.

1, peifoy V.  dotly & q. I'K] KI' V. TI'K] corr.
ex KI'V. 4, {ouw P. Krv, dony P, 7. fory
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I’'K>1TIAd. ponatur I'd1 =TK, et ab 4 ad 4B per-
pendicularis ducatur 4 M, et ducatur MB. et quoniam
BI?*=5I'K? et AB=2BI, K4 =2IK, erit AB?
= 5K A3, uerum etiam diametrus sphaerae potentia
quintuplo maior est radio circuli, in quo icosaedrum
constructum est [prop. XVI coroll.). et 4B diametrus
sphaerae est. ergo KA radius est circuli, in guo
icosaedrum constructum est. KA igitur latus est
hexagoni in circulo illo inseripti [IV, 15 coroll.]. et
quoniam diametrus sphaerae ex latere hexagoni et
duobus lateribus decagoni in circulo illo inscriptorum
composita est [prop. XVI coroll.], et 4B diametrus
est sphaerae, KA autem latus hexagoni, et 4K = 4B,
utraque 4K, AB latus est decagoni in circulo in-
seripti, in quo icosaedrum constructum est. et quo-
niam 4B latus est decagoni, hexagoni autem MA
(nam MA = K4, quia MA = @ K; aequali enim spatio
a centro distant; et @K = K4 = 2KI'), pentagoni
est MB [prop. X. I, 47]. uerum latus pentagoni est
icosaedri [prop. XVI]. ergo MB latus est icosaedri.

et quoniam Z B latus cubi est, secundum rationem
extremam ac mediam diuidatur in N, et maior pars
sit NB. ergo NB latus est dodecaedri [prop. XVII
coroll.].

PB. 9. 4B 7] 4B P. 10. éx] 7 & g. éazlv P,
12. slgnpevov uvulov] v o alpnp.svm »xlo m. 2 V.

13. 7ijc opalpag 7 V. 16. dvaypapopdvay q. 21. doruy
P. ®K] KO q 23. 561:{11]] om. V. 24. 1) rov slxo-
caédgov] mg. m. 2 B in text. del. 5 7ov. 26. BZ q.
dotiv P.

-
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Kol émel 7 ©1jg ogaipug dicpergog é0elydn tijs uiv
AZ mievpis Tijg mveauldog dvvaps nuodle, tig O
T0v dxuraddgov rijg BE dvvdust dindadiov, tis 6t Tod
#0fov tiig ZB dvvdus tomlasiov, olov doo B Tig
b opaipag Oudustoog Ovvduse &€, towovrov % piv Tig
nvgauldos Teoodgmy, 1 0 Tob dxtaddgov Toidy, 5 OF
to0 xvfov dvo. % udv dex tig mvgauidos mAsvea
17 udv Tov Owuraddpov mAsveds Ovvdaust fetlv Emi-
Totzog, g 0 tov xvfov Ouvaus Oiwdy, 7 0% Tov
10 dxraédov tijg To¥ xvPov dvvduse NwioAle. of utv ovw
slonuévar Thv ToLdY Gynudtey tisveal, Afym 07 mvea-
uldog xal dxuvaédoov xal xvfov, meds ardfjles slolv
év Adyoig gmrols. ol 0% Aowmel 0vo, Adyw 0% 7 e
100 &lxogaédpov xal 7 Tov dwdexaédgov, otre mEPdS
16 dAMjdag obre mpdg Tag moosignuéveg slolv év Adyorg
¢nroig” &hoyor ydo elew, v udv éAdrraw, 5 0% dmworour].
O peltov éotlv 1) Tov elxooaédgov wAsvga ) MB

tijg 100 dwdexaédoov tijg NB, delbousv otrwg. -
‘Enel yag leoydviev detv t0 ZAB velyavov v
20 ZAB toupove, avdloydv éevww g f AB medg Ty
BZ, ottwg 1)-BZ mpdg vy BA. nal énel voels ev@eion
evdloydy elow, éomiv dg 1 mEwTy WEdg TV TO(TYY,
oltag T0 dmd Tijg medtng MEdg vO dmd Tig devripag:
éotw doo ag 1) AB meog Ty BA, otreg 16 amd Tijs
25 4B mdg ©0 amd tijg BZ* dvdwalw dga &g ) AB
7pog v B, olrmg o dnd vijg ZB meds O amd

1. Ante édslyfn del. ¢ P. 4. 9] om. P. _ 6. zecodoay

oY q. 7. pév] corr. ex pe m. 1 9. ijg] 7] q.
10. tng] om qQ. 11. mievoual] om. q 18, ze] om, P,
14. 4 . q. 15, wc 7@o-] om. q. 16. &loyor ydg elay
om. V, 17. 6z 04 BV. ~MB] M e corr. V. 18. NBi|
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et quoniam demonstrauimus, diametrum sphaerae
AZ lateris pyramidis potentia sesquialteram esse, BE
autem latere octaedri potentta duplo maiorem, ZB
autem latere cubi potentia triplo maiorem, quarum
magnitudinum sex aequalis est potentia diametrus
sphaerae, earum quattuor aequale est latus pyramidis,
tribus octaedri, duabus cubi. itaque latus pyramidis
potentia supersesquitertium est lateris octaedri, latere
autem cubi potentia duplo maius, latus autem octaedri
lateris cubi potentia sesquialterum est. ergo latera,
quae nominauimus, trium illarum figurarum, scilicet
pyramidis, octaedri, cubi, inter se rationes habent ra-
tionales. reliqua uero duo, scilicet icosaedri et dode-
caedri, neque inter se neque ad ea, quae supra nomi-
nauimus, rationes rationales habent; nam irrationales
sunt, alterum minor [prop. XVI], alterum apotome
[prop. XVII].

Latus icosaedri MB maius esse latere dodecaedri
NB, sic demonstrabimus.

quoniam enim trianguli Z4 B et ZA4 B aequianguli
sunt [VI, 8], erit 4B: BZ = BZ: B4 [V], 4]. et quo-
niam tres rectae proportionales sunt, erit ut prima
ad tertiam, ita quadratum primae ad quadratum tertiae
[V def. 9].) itaque 4B:BA = 4B*: BZ% e con-

1) Miramur, cur haec definitio hoc loco omnibus uerbis
citetar, praesertim forma parum Euclidea, cum tamen antea
in bac ipsa propositione toties tacite sit usurpata. itaque puto,
uerba »al éxmel lin. 21 — devréeas lin. 28 subditiua esse.

N e cormr. V., 19. émel] in ras. m. 1 P, dorv P.
4ZB B, ZBd4 q. 21. BZ] (pnus) supra scr. B4 m. 1 B,
BZ) ZBP.  26. ZB] BZ
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tijig Bd. toumdy} 0t 1 AB tijg B4 voimidoiov dpa
70 amd t7js ZB 1ov amd vijg B4. Eore 0% xal vo amd
tijg A4 vov and vijg AB vergamddoiov: duwAy yuo 7
A4 vijig AB* psifov dga O amod vijg A Tov amd Tig
ZB' peltov éoa v Ad tijg ZB* moAdd doa n AA
tiis ZB pellov édotiv. xol tig piv AA axgov xed
uéeov Adpov veuvoudvng o ueifov tuijud doviv 1§ KA,
émeidnmeg 1 udv AK EEaydvov dorly, 3 08 KA dexa-
yavov® tijs 08 ZB axgov xal péeov Adyov teuvouévnyg
©o peifov rtudjud detw v NB* pellov doa § KA vig
NB. iay 0t y KA 5] AM' peltov &oa 7 AM v
NB [rijigc 08 AM pelfov éotlv § MB]. moild &ex
% MB mhevge ovoa Toi elxoceédov uslfov éorl Tig
NB misvodg ovong 1ot dwdsxaédgov’ Smeg 01 deifar.

Aéym 87, 8t maga va elonuéve wévve oy1)-
pate ov cvoTtedifderor Ersgov yfjua meQieyd-
pevov Umd LGomAsvomv e xal Goyoviov 6oV
a¢idndocg. .

Two pdv yagp 0V rowydvev 1 SAwg émmédav
ovspen. yovia oV cuvlctaral. VWO 0% TELGY TELYOVOY
7 tijg mvgauldog, VO 0t re6Gdeav 1) TOU Oxvaidgov,
vmd 0% wévre N ToD elnodaddgov: Vmd 0% EE Touydvav
leomhevowy ve xel looyoviov medg évl enuslp cvv-
orapévor odx Eotow ovegsn povie' obiong yho Tis
Tov (GomAsvgov tTouydvov ywvieg Owwolgov Jedig
éoovrar of Bt réeoagow 0pdals loau” Smep ddvverov:

2. fouv PB. 6. nel pelfov B. &oa nal V. ¢
ZB] (alt) om. P. 6. dotl Vq. 7. tezunuévng V.
11. AM zfj¢ NB] in ras. m. 1 P, 12. tij¢ 8¢ — MB] post-
ea add. in mg. m. 1 P. 13, peffw, v add. m. 2 V. 14, Se-
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trario igitur 4B: B4 =ZB?: B4 verum 4B=3BA4.
itaque etiam Z B? = 3 B4, uerum etiam 44°%=44B?,
nam A4 =24B. itaque 44> ZB®% quare A4
> ZB. itaque multo magis 44> ZB. et rectae 44
secundum rationem extremam ac mediam diuvisae maior
pars est KA, quoniam 4K hexagoni est, K4 autem
decagoni [prop. IX]; rectae autem ZB secundum ra-
tionem extremam ac mediam diuisae maior pars est
NB. itaque K4 > NB. est autem KA = AM. quare
AM> NB. ergo multo magis MB latus icosaedri
NB latere dodecaedri maius est; quod erat demon-
strandum.

Iam dico, praeter quinque figuras, quas nominaui-
mus, nullam aliam construi posse polygonis et aequi-
lateris et aequiangulis inter se aequalibus compre-
hensam.

Nam ex duobus triangulis aut omnino figuris planis
angulus solidus consttui nequit [XI def. 11]. ex tribus
uero triangulis angulus pyramidis construitur, ex quat-
tuor octaedri, ex quinque icosaedri. ex sex autem
triangulis aequilateris et aequiangulis ad idem punctum
coniunctis angulus solidus non orietur; nam cum angu-
lus trianguli aequilateri duae partes sint recti, sex
anguli quattuor rectis aequales erunt; quod fieri non

Cum epimetro lin. 15 sq. cfr. Psellus p. 51 sq.

quitur alia demonstratio extremae partis, u. app. 16. ovy-
oradifostan P. 19, 7 Slwg) scripsi; ras. 2 uel 8 litt. P, supra
scr. @dl’ 090} Dmo dve m. rec.; c¢il’ odd} &lwv Sve Theon
(BVq). 20. 04] om. Pq.  26. «f] om. q.

Euclides, edd. Heiberg et Menge. IV, , 22
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dmace pag ovegea yovie vwd EAncedvev 1 TE66Hp@Y
Spdav megiéyeTan. e ve avre 0% 0V} VWO mAsdvov
7 & yovidy émnédav erepst yovie cvvietatar. UmO
0t teTpaydvay Toidy 1 Tob xvfov yevie meoiéyeTee”
Dmd 0% reoodowy advvarov: feovtan yap meAiiv téo-
oupsg Ggdal. UmO OF mevtaywvov icomAsvpov el
looyoviov, Umd uiv Toudv ) Tov dwdsxaédpov' vl
0t recodpmy advvazov: oeng yag Tig TOU wEVTRYBYVOV
leomhevoov ypaowing Opdijs xel méumvov, Eovron af
Téocages yovier te66dgny dpddy upelfovg: Smee adv-
varov. ov0: uny Yo moAvydveov Erépmy GyMuATeY
mEQLOgEdGeTon Gregea yovle O TO avTd &TOmOV.

Ovx dpa moga to slonuéva wévre oypjpere Ersgov
oyfjue 6rEQE0Y GvoTadijoston Vml (GowAsvoav TE xal
leoywviov meouegducvov’ Gmep Eder deibac.

Adijppe.

Ote 6% 7 vov l6omievgov xal l6oywviov
nevtayovov yovie (& éove xel méumrow,
ovre deixréow.

"E6te yeo mevrdywovov (eémAsvoov xal (Goyaviov
10 ABT'AE, xal mepupeypdpdo mepl atvrd xvxlog &
ABIAE, xal elijpdo adtov 10 xévigov ©6 Z, xal
énelevydwoay of ZA, ZB, ZI'y Zd, ZE. dlya &pa
téuvovor tag medg voig A, B, I, 4, E zov mevie-

2. defdy yowGy q.  o09dé] om. g, 088" P. 8. 4] om.
P, supra scr. m. 1 B.  yowidy zguymvaw a 6. téooagsig
P. 8. 8¢] om. q. lconledgov mevraydvov V. 9. of]
supra m. rec. P.  10. véooageg] -6 in ras. m. 1 P. In mg
m. 1 pro scholio: ag d‘u’gu tmonarew P. 11. xolvyovioy =
(non P). étéouv] oregedv q. 12. avzé] om. BY, .
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‘potest; nam omnis angulus solidus minus quattuor
rectis comprehenditur [XI, 21]. eadem de causa ne ex
pluribus quidem quam sex angulis planis solidus angu-
lus construitur. tribus autem quadratis angulus cubi
comprehenditur, quattuor autem nullus; nam rursus
quattuor recti erunt. pentagonis autem aequilateris
et mequiangulis tribus angulus dodecaedri comprehen-
ditur, quattuor autem nullus; nam cum angulus penta-
goni aequilateri aequalis sit recto angulo cum quinta
parte recti, quattuor anguli quattuor rectis maiores
erunt; quod fieri mon potest. eadem de causa ne
aliis quidem figuris polygonis angulus solidus com-
prehendetur.

ergo praeter quinque figuras, quas nominauimus,
nulla alia figura solida construetur figuris aequilateris
et aequiangulis comprehensa; quod erat demonstrandum.

Lemma.

Angulum autem pentagoni aequilateri et aequi-
anguli aequalem esse angulo recto et quintae parti
recti, sic demonstrandum,

git enim pentagonum aequilaterum et aequiangulum
ABI'4E, et circum id circulus circumseribatur 4BI'JE
[IV, 14], et sumatur centrum eius Z [III, 1], et du-
cantur Z4, ZB, ZI', Zd, ZE. itaque angulos pen-
tagoni ad 4, B, I, 4, E positos in binas partes
aequales secant [I, 4]. et quoniam quinque anguli ad

14. ovvotadjcetar P, corr. m. rec,  16. ifjppe] om. codd.
17, 8ze q. v nal V. Post looywviov add. xel q.

18, doriv PB.  méumrow qB 20, re nal V.  22. 70] (prius)
om. q. 24, éuvovery PB.

22%
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yovov yevieg. xel éxsl «f ®meog t6 Z mévre poviar
téooagoy Opdais loaw &lol xal elow loar, ple doa
adtev, dg § vwd AZB, wdg g éomt mega
wéunrov: Aoumal dga of vmd ZAB, ABZ wdg slow
00dg xal wéumrov, len 0% % vwd ZAB v vmd ZBI™
xel GAy &po ) Umd ABI wob mevtaywbvov yavia pidg
éoriv dpjs xal méumrov Omep E0er Osibou.
2. slol] elotv PBV. 6. ZBA q. 7. dedijs domu V.

wépmrov q. In fine: Edxleldov avoryelwy iy P, Edulsldov
aroiyelov tig Oéwvog énddssws iy Ba.
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Z positi quattuor rectis aequales sunt et inter se
aequales, unus eorum, uelut 4Z B, recto angulo aequa-
lis est deficiente quinta parte. itaque ZAB - 4BZ

4

recto et quintae parti recti aequales sunt [I, 32]. et
ZAB = ZBI. quare ABI totus angulus pentagoni

recto et quintae parti recti aequalis est; quod erat
demonstrandum.,
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Demonstrationes alterae.

1.
Ad libr. XI prop. 22.
"AdAdwg.

"Eermcay of dodeloor toeis povias émimedor of
vno ABI, AEZ, HOK, dv of dvo tijs Aownijg uei-
foveg Eormoay mdvty peredepfavousvar, negieyfracay
0t avrag loae svdeiew of AB, BI, 4E, EZ, HO,
OK, xal énctevydacey of AT, 4Z, HK. Aéyw, 8rc
dvvardy doviy éx tov lewv tais AT, 4Z, HK toi-
yovov evetienddar, tovréesre malw v af Ovo =g
Aouwiig peltovés elor mavry pevadapfaviuevar.

& udv ovv madw of medg toig B, E, @ onusloig
yovioew ioar eloly, loar Ecovrar xal of AT, 4Z, HK,
xal ooviar of Ovo tfjg Aoumilg peifoves. & 0% ov,
éotwoay dvigor of mgog toig B, E, @ enuclowg yovia,
xal pelfov 7 meds T B éxavégug vdv meos voig E,
@ ueitov &oa fotas xal §§ AL e09cla éxavépag Tdv
AdZ, HK, nol povepdv, 8tv % A pera Exevépog

XI, 22 post deifas p. 60, 18 add. PBFVD.

3. 9ad] om. F, supra m. 2 B. 5. BI') BI', I'd ).
6. 4Z) 4 corr. ex I'm. 1 F. 8. Tovtéany B, 11, iGoe
elotv] slaww fooe BV.  loou) om. BYV. HK] HK s BY.




1.
Ad libr. XI prop. 22.
Aliter.

Sint dati tres anguli plani 4BI, 4EZ, HOK,
quorum duo reliquo maiores sint quolibet modo con-
iuncti, et eos comprehendant rectae aequales 4B,
BI, 4E, EZ, H®, OK, et ducantur 4I', 4Z, HK.
dico, fieri posse, ut ex rectis aequalibus rectis AT,
dZ, HK triangulus construatur, hoc est rursus duas
reliqua maiores esse quolibet modo coniunctas.

iam si rursus anguli ad puncta B, E, @ positi
aequales sunt, etiam 4TI, 4Z, HK aequales erunt,

8" = B

A
x 4 4 Y,

et duae reliqua maiores. sin minus, anguli ad puncta
B, E, O positi inaequales sint, et angulus ad B po-
situs utroque angulorum ad E, @ positornm maior
git. itaque etiam AI'> J4Z, AT'> HK (I, 24]. et

18. &wwdoc] corr. ex oo m, rec, P. 14, Ante xal ras,
1 lit% F. 16. 4ot/ BF b. n 4AI'] in ras. V. edfsia]
om, V,
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tdv A4Z, HK g Aowmijg pelfovés elow. Aéym, O8te
xal af 4Z, HK tiig AT pelfovés eloi. ovveordro
noog 5] AB e0dely ol ve medg avrf onusip v B
) om0 HOK povie ion 3 Omd ABA, xel xslodo
ueé tév AB, BI, 4E, EZ, H®, OK len 7 BA,
xal émelevydooey af AA, AT. xal énel 0vo of AB,
B A4 dvel talg HO, OK loa elolv éxarépa éxatéow,
xol yoviag loag megiéyovoly, Bacig oo 1 A Pace
v HK loy éorlv. xal émel of mpds volg E, @ oy-
pelog yavier tiig vmd ABT usifovés slow, dv % vmd
HOK tfj ¥n6 ABA dotww lon, Aowmy doa 7 meog TG
E yovie vijg vnd ABI psltov éotlv. xal émel dvo
of AB, BI" dvol talyg 4E, EZ loat eloly éxarépa
Exavéoa, xal yovie n vno AEZ povieg tig vnd ABT
pellov, Pdog &ga 1 AZ Pactwg tig AL pslfov
dorly. lom 0t &0elydn % HK v A4 of dou AZ,
HK v AAd, AT peitovés elow: drde af AA, AT
tijg A pelbovés elor moddd &eo of 4Z, HK g
AT uelbovés slow. wov ATy AZ, HK &po evdady
al dvo vijs Aowmijg pslfovés elor mavry peraddufovo-
pever dvvarov oo éotlv éx vév lewv tals AT, AZ,
HK rolyovoy evorionedai omep &0st deike.

1. pelfovég ela] Pb, ye. pelfoy dorimg. b; pelfwv dor{ BFV,
2. 4Z] corr. ex AZ m. 2 P. 8. Bl e corr. ¥. 4. 4B4]
BHA4b, corr. mg. m.1. 5. BA] corr. ex dAm. 1F. 8. meqi-
égovee PBVb, A4] 4 in ras. V. pdcee] supra m. 2 B,
9. douv lon V. {6z B, comp. Fb. 10. z#s] vois F.
elor V. 12. ABI" b (non F). éaz{ PV, comp. b.
090 af] of dvo F. 18. 4B] F, 4B by. 14. -téeq el yo-
in mg. trans. m. 1 F. 7 v=é] om. b. 15. AT b,
16. dotfv] om, P,  44] corr. ex A4 B, 17, dii’ Fb.
18. mollo — 19. elowv] postea add. m. 1 P. 19. #la BVD,
comp. F. 21. &otfv] om., V.  4Z] 4Z F. 22. gvvory-
oxgdor P, corr. m. 2.
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adparet, esse AI'+ 4Z> HK, AT+ HK > 4Z.
dico, esse etiam 4Z + HK > 4I. nam ad rectam
AB et punctum eius B construatur [ /B4 = HOK
[I, 23], et ponatur B4 = AB=Bl'= dE=EZ
= H® = @K, et ducantur 4 4, AI. et quoniam
duae 4B, BA duabus H®, OK singulae singulis
aequales sunt et angulos aequales comprehendunt, erit
AAd = HK [I, 4]. et quoniam anguli ad puncta E,
® positi angulo 4BI" maiores sant, quorum /| HOK
= ABA, angulus ad E positus angulo 4BI" maior
erit. et quoniam duae 4B, BI' duabus JE, EZ
aequales sunt, et | 4 EZ > ABT, erit etiam A4Z > A"
[I, 24]. demonstrauimus autem, esse HK — A A.
itaque erit
AdZ 4 HK> 44 + AT
uerum A4 + AI'> AI. multo igitur magis erit
AdZ 4 HK > AT.

ergo rectarum AI, 4Z, HK duae reliqua maiores
sunt quolibet modo coniunctae. fieri igitur potest, ut
ex rectis aequalibus rectis AT, 4Z, HK triangulus
construatur; quod erat demonstrandum.
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2.
Ad libr. XI prop. 23.

‘dAde 01 Eotw TO xfvrgov Tob wvxdov éml még
Ty mhsvedy Tov TeLy@vov Tijs MN, xal éotw vo %,
xel émetelyPo 9 EA. Aéyo mddw, Ot pelfov éotlv
% AB tijg AF. & pag uij, fjvoc Loy ovly 7 AB tjj
5 AF 1 é\drrav. &6to medrsgov loy. Ovo 07 of AB,
BT, rvovtéevw of AE, EZ, Vo vaic ME, EA, tovr-
dote ] MN, loaw &lofv. ddde § MN ©fj AZ xsivoe
ten. wal of AE, EZ dgpa ) AZ ieouw &lolv: Gmep
éotlv ddvvarov. olx doa B AB loy Zovl Tij AF.
10 opolwg 0% 00Vt ZAarrey: moldd yog tO ddvvarov
ueifov. 7 doa AB uelfov Zovl vijg AE. xal dav
opolwg, ¢ upeitov dove vd dmd Tijg AB vov dmd vijg
A5, éelvp loov meog dpdag te Tod xUxAov émiméde
avaeridousy ©3 T0 &m0 s 5P, everadeerar T
15 moofinue.
© ddda 07 fero 1O xévrgov TOU AUAAOV éxTOS TOD
AMN zouyavov xal E6tm 0 5, xal énstebydocay of
A4E, ME Aéyo 07 xal olrwg, Ore uellwv éotlv 4
AB tijg A5, & pug wij, #rvor loy derly 7 éhdrrav.
20 fotw modrsgov ion. 0vo ovv of AB, BI' dvo rais

XI, 23 in textu post moufjsar p. 68, 17 add. PBF Vb,

1. z¢] om, P. 2. tfig MN] ras. 8 litt. V, 7wvlag Tijg
MN ¢.  ¥ro 76 5] in ras. m. 1 b, 3. 6u. malww b
peitov o. 4. 77] corr. ex of V. &l yap — 11. 7ijg AF)

mg. m. 1, add. ye. b, in textu: éwel ydo «f JE, EZ zijg 42,
rome}sn 'rjg ng » pelfovg elol, nal fuloeron’ 5 EA doa zovr-

éory tiig ME % AB vijg AE pelfov dovly. 6. of] in ras.
m. 2 P. A4E, EZ Jdvel in spatio uacuo tertiae partis lineae
m. 2 P. dvel b. rovtéoniy B. 7. ¢idé 5 MN)
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2.
Ad libr. XI prop. 23.7)

Uerum centrum ecirculi in aliquo latere trianguli
sit, uelut MN, et sit 5, et ducatur £4. dico rursus,
esse AB> A% nam si minus, erit aut 4B = 45
aut 4B < 45, prius sit 4B = 45 itaque duae
rectae 4B, BI', hoc est 4E, EZ, duabus rectis M X,
54, hoc est M N, aequales sunt. supposuimus autem,
esse MN = dZ. quare dE+4 EZ = 4Z. quod
fieri non potest. itaque non est 4B = 45, iam simi-
liter demonstrabimus, ne minorem quidem esse 4 B
recta 45; nam hoc multo mi-
nus fieri potest. ergo 4B> 4.5,
et si similiter FP ad planum
M v circuli perpendicularem erexeri-
mus, ita ut sit §P2=AB%-- 4 5*
problema componetur.

' Uerum centrum circuli extra
triangulum 4 MN positum sit et sit 5, et ducantur
A5, M&. dico sic quoque, esse 4B > A5 nam si
minus, erit aut 4B = A5 aut AB < AX. prius sit

P

1) De figuris cfr. p. 62.

m. 2 P. usiﬂx% dotly supra scr, xeivor m. 2 B. 8. nal
— doa] om. F; uidentur fuisse in mg. a m. 2. Loos elolv)
m, 2 P, 9. éot/v] om. BV, supra m. 1 F.  Z¢z{] om. V,
égo @ (non F). zfj] bis . 18. énelvop — 14. 5 P] mg.
m. 1 b, add. ye., in textu: éuzdvdi lony meds td 09 xiniow
éminédp dvasricopev tiv EP (in ras.). 18. #xeivo b.

14. dvasrijoopey b.  16. dvzog V, sed corr.  18. 45, M5 ]
of AR @, B4, ZM, ENb, A5, M5, N5V et B (N5 m. 2).

#al] om. V, 8ze nal b, 67t] om. b. 20. o9v] 04 V,
del 9. dvo] dwol b.
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ME, EA loaw eloly énarépn Exaripn, xal facig 7
AT Boees v MA loy yovie &oe 1) Vw0 ABTI yovia
i} vmo MEA loy dotlv. dia To avre O xel 1 V®d
HOK rtj ¥nd AEN Zovw lon. GAn dga 7 vm6 MEN
dv%o vatg ABT, HOK fovw loy. dAde of vmd ABI,
HOK vijg 9né AEZ peltovés elow. xal 5 vmd MEN
doa tijg V6 AEZ pelfov éoviv. xal émel dvo af
A4 E, EZ Vo tatg ME, EN loa elolv, xal Bdoig 7
AZ Bdoe vii MN o, yovie dea % vn6 MEN po-
vig vf] Vo AEZ fovwv loy. &0slydn 0% xal peifwv:
Omeg &romov. ovx dgo lon Zotlv 1 AB vy AF. éEvg
0% Octbopev, 8te 0v0% fAdrrow.. pelfov &pa. xol éxv
npdg dpdag 76 Tod xvxAov émméde meAiw avasTicnusy
v EP xal lony abryy droddpcda, ¢ uetfov dvvarar
76 amd vijs AB 7100 dmd vijg AE, evoradijoeror TO
woofAnue.

Aéypo 81}, 8te 000% Zdrrov dotilv 9 AB tiig AF.
& yag dvvardy, fote. xol xelobo Ty utv AB lon 3
EO, i} 6t BI' lon 5 ETI, xal énetevydm v OIL xal
énst lon derlv 4 AB tjj BI, loy éotl xal 5 5O 13
EII. deors xal Aoy § OA Aounfj =] IIM éowv loy.
napdiiniog dpo fotly 1) AM =fj 110, xal (eoydviov
70 AME zolyovoy @ I15O touydve. ot doa g
7 &4 npdg vy AM, % EO meds v OII, xel évail-

1. éxaréon] Enatéoas P, ¢ del. m. 1. 2. MA] M in ras.
V. douv oy F. 3. lon doviv] derw lon b, lon douil V.
4. nal 81y b, 5, dvo] PBV, F m, 1, dve{ b, F m, 2.
taig] tais v Fb; vxo supra scr. m. 2 BV, aid’ P,
«f] 7y b. 6. sles BV, comp. Fb E N] corr. ex EMN
m. 2 P, M in ras. m. 2 B. 7. é6t{ PBV, comp. Fb.
8. dvo] dvel b et m. 2 F. elef PBV, comp. Fb. 9. ya-
vie] om. b, 10. lon fativ b, 11, Z¢tfy] om. V, Eiis
84] buolwg 8% vois fumgoc®ev Fb, mg. m. 1: yo. ki 8¢ b.
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AB = A5, ergo duae rectae 4B, BI" duabus MJ,
& A singulae singulis aequales sunt, et AI' = M4,
itaque erit L ABI'= MZE4 [I, 8]. eadem de causa
etiam [ HOK = AEN. itaque

4
P— ot
P L MEN = 4BI' 4+ HOK. sed
KA ABI'4+ HOK > AEZ. .quare
AR\
M {.-‘-55/?‘ 6\ etiam [ MEN > AEZ. et quo-

niam duae rectae 4E, EZ dua-
bus ME, EN aequales sunt, et
A4Z=MN, erit [MEN=AJEZ
[1,8]. demonstrauimus autem, esse
etiam [ MEN > AEZ. quod absurdum est. itaque non
est AB= A 5. deinceps autem demonstrabimus, ne mi-
norem quidem eam esse. ergo maior est. et si rursus
ad planum circuli perpendicularem erexerimus FP et
sumpserimus FP?= 4B%—- 45?, problema componetur.

iam dico, ne minorem quidem esse 4 B recta 475.
nam si fieri potest, sit 4B < 45, et ponatur 50O
= AB, EIIl = BT, et ducatur OIl. et quoniam 4B
== BI, erit 50 = EIl. quare efiam Od4 = ITM.
itaque 4 M rectae ITO parallela est [VL, 2], et trian-
gulus 4 M5 triangulo 1,5 O aequiangulus [1,29]. itaque
HAd: AM = EO: OII [V], 4], et permutando [V, 16]

13. dvacrijoopsy P, sed corr. 14, wiv] 16 F.  FP] P
eras, V, 5O b.  dmoddueda FV, @] corr. ex § P m. 2.
: 18. 0 &mé — ri)] in spatio uacuo et mg. m. rec. P.

0 and zijg] 7 b. T omé] om. b. AF] AE ov b;

mg. m. 1: yo. 70 dno tig AB 10V dmd tig AF" ye. nel ovrog.
léyw — p. 862, 29: advvaror] mg. m. 1 b, adiecta figura,

cui adscribitur: zodto o oyfjue o¥x fore Tod xepévov.

20. éotiv P. mxtl‘ om. F, supra m. 2: xal 73 nel 5 b.

© 21, O4] O in ras. F. MII F. 23. AME] AEM Fb,

M4 in ras, V., 24. 7 EO] ovrwg % KO Fb,

”~
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] [d

Ack dg v AE meog iy FO, otrwg ) AM meog tnv
OIl. psllov 0% % AF wig FO° pellov doa xal 7
AM tijg OII. ddde ) AM =5} AT éovww lon: xal 7
AT dga viig OII é6n peltov. émel odw dvo of AB,
5 BI' 0vo rais OF, EIT loaw clolv Exoréga Exarépe,
xal Paog 7 A Bdoewg tijg OIT peltwv dorlv, yovie
dpa 7 Omd ABI yovieg tijg vrdo OEII peltov éotiv.
ouolog 07 &y v EP logy éxavépe vév 5O, SIT
dnoldfousy xal émisvtopev iy OP, dslfousv, OTe
10 xel 9 vmé HOK ypovie zijg vmd OFP pellov oviv.
ovveerdre 0 medg tf] AF evdely xal vg meos v
onueley te 5 v utv vmd ABI povie lon % vxo
AEZX, v 0t vmé HOK ion 7 vnd AET, xal xelodw
énarépa tv EX, BT v) OF loy, xal énclevydooay
150l 0%, OT, ET. =xol émel 0vo ol AB, BI' dvo
raig OF, BEX loou &lolv, xal yovie % vwd ABI po-
vie ) vmo OEX lon, facig doa 7 AT, Tovtéoriv 1)
AM, Bdos ) OX Zovww loy. Owa ra avve 01 xal
9 AN 15; OT loy éovlv. =xal émsl 0vo of MA, AN
20 0vo taig O, OT l6ou &lolv, xal yovie 5 VR0 MAN
yavieg ijg om0 TOT pelfwv éovtv, Pdoig Goow 7 MN
Boeswg tijg ET ueltwv otlv. dAde § MN z7j AZ
dorw lon xal 5 AZ dgo g ET pellov doviy. émel
otv b0 af AE, EZ dYo tais X5, ET ioau slely,
256 xal Pacig © AZ Pacewg vis ET pelfwv, yovie doua
7 vnd AEZ povieg tiig vno ZET pellov éorlv. loy
0t 1 Um0 ZET vaig vmo ABI', HOK. % dpa vmd
AEZ vov vnd ABI, HOK usltov éovlv. addd xal
édrrov: Gmeg advvarov. :

1. oy EO] BEO V. 8. 7jj AT] om. . 4. AT
T4 P. pelfwv éovl, sed dotl/ supra ser, F. 6. pelfwv]
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erit 45:50= AM:OIIL uverum 45> 0. itaque
etiam AM > OIT [V, 14]. sed AM= ATI. itaque
etiam AI'> OIl. iam quoniam duae rectae 4B, BI”
duabus rectis 05, 511 singulae singulis aequales sunt,
et AT'>O0I1, erit [ ABI'> OEII [I, 25]. similiter
si posuerimus FP = 5O = FII et duxerimus OP, de-
monstrabimus, esse etiam [ HOK > OEP. iam ad
rectam 45 et punctum eius 5 angulo 4BI" aequalis
construatur [ 45X [1,23), et ponatur X = ET=0%5,
et ducantur OZ, OT, ZT. et quoniam duae rectae
AB, BI' duabus OF, 5X aequales sunt, et | 4BI"
=0FX, erit A'=0X[I, 4], h. e. AM=02Z.
eadem de causa etiam AN — OT. et quoniam duae
rectae M A, AN duabus O, OT aequales sunt, et
L MAN> ZOT, erit MN > XT [I, 24]. sed MN
= d4Z. itaque etiam JZ > XT. iam quoniam duae
rectae JE, EZ duabus X5, ET aequales sunt, et
AZ>ZT, erit [ AEZ> ZET [1, 25]. est autem
L ZET= ABI'+ HOK. ergo [ AEZ> ABI'+ HOK.
uerum idem minor est. quod fieri non potest.

comp. F, doe comp. g. éo6t{ PBV, comp. Fb. 7. dou)

comp. supra scr. m, 2 F, 8, xév] P, nal . 10. OEP
yovilag F, éot{ P, comp. b, 11. v A sbdsiov =,
et B, sed corr. Post 45 ras. 1 litt. V. 12. iony P,
sed corr. 71] postea ins, m. 1 P. 13. ®HK B.

ET] Tecorr, mi 2 P. 14, émefedvydo V, cay add. m.
rec. 15. of 4B, BI' 8v0o] mg. V. 16. slol PV,
comp. Fb. 17. 7] # F, corr. m. 2. 18. faost] &

eras. V, 19, dovwy ion Vb. AN} A ins. m. 1 V.

20. ZO] corr. ex OX V, OZ B. elol PV, comp. Fb.

21. ST F, é6t{ PV, comp. Fb. 22, ¢id” Fb.

23. 4ozl V. 24, otw] om. B, X5 corr. ex EZ m. 2 P,
elo{ PV, comp. Fb. 25. pelfwv ozl FV; seq. ras. tertiae

partis lineae F. = 27. %] (prius) xal % b.  29. addvavor] dro-

nov F, corr. mg, m. 2,

Euclides, edd. Heiberg et Menge. IV. 23
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3.
Uulgo XI prop. 38.

'Eav émimsdov mgog émimedov dodov 7, xel dad
Twog enuslov tév & évl tav émnédav énl ©o Erzgov
éninsdov xddevog dyd], énl Tig xowig Toudjs meosiTae
tav émmédov 3 ayouévy xdderog.

dnlmedov yop ©0 I'd émnédp td AB meog dpdag
Zorw, xowwn 0% avrov toun éotw 7 AA, nal sijpde
énl vov I'd émmédov tvyov enusiov 10 E* Adyw, S
% amd vob E énl v0 AB ‘émimedov xaderog ayoudvy
énl tng A4 meeeivot.

u1 yao, dAd’ & dvvardv, minréra éxvdg ag ) EZ,
xal ovpPordéte T AB émnédp xave vdO Z onuclov,
%ol and vob Z énl vy A4 v v AB émnédo xa-
Derog dorw 7 ZH, 1mig xal v I'd émnédp medg
bodg doTiv, nal émelevydw 7 EH. émel ovv ) ZH
v I'd émnédp medg dodds fovwv, Gmrever 0% avrijg
% EH ovee v 16 I'd éimnédp, by dpa éoriv %
om0 ZHE yovle. cila xol ) EZ 16 AB émnide
mgodg 0pddg domv: 1) doa vmd EZH 0994 devww. Toi-
yavov 07 rov EZH ol dvo yoview dgdals loar sloiv:
Snsgp advvarov. ovx dga 7 amd rov E énmd zd AB
éninsdov xaPerog dayoudvy éxvdg medslvar tijg AA.
éml vy AA dge medeirar Gmep E0se Oclae.

X1, 38 post XI, 87 habent PBFV, om. b; & wna zdv
avnyedgor ov @éeetar T A P mg. m. 1,

in’ PBV, in ras. m, 8 F. 2, zév] (alt.) m. 2 F. &rzeos]

ost o del. ¢ P. 8. ¢z8ez P, corr. m. 2. 6, I'd) I eras.
%. 6. d4] corr. ex A4 V, A4 F. 9. dA] A4 FV,

11, ovpPaiéto PV.  13. forw] #7800 BFV. 14, dou BV,
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3.
Uulgo XI prop. 38.

Si planum ad planum perpendiculare est, et a
puncto aliquo alterius plani ad alterum planum per-
pendicularis ducitur, perpendicularis ducta in commu-
nem planorum sectionem cadet.

Nam planum I'4 ad planum 4B perpendiculare
sit, et communis eorum sectio sit 44, et in I/ plano

r punctum aliquod sumatur E.

£ dico, perpendicularem ab E

As— 4 ad planum 4B ductam in 44
Z B cadere.

ne cadat enim, sed si fieri potest, extra cadat ut
EZ et cum plano 4B concurrat in puncto Z, et a
Z ad 44 in plano 4B perpendicularis sit ZH, quae
eadem ad planum I'd perpendicularis est [XI def. 4],
et ducatur EH. iam quoniam ZH ad planum I'A
perpendicularis est, et eam tangit EH in plano I'A
posita, L ZHE rectus erit [XI def. 3]. uerum etiam
EZ ad planum 4B perpendicularis est. itaque [/ EZH
rectus est. ergo tfrianguli EZH duo anguli rectis
aequales sunt; quod fieri non potest [I, 17]. itaque
perpendicularis ab E ad planum 4B ducta extra 44
non cadet. ergo cadet in J4; quod erat demon-
strandum.

comp. F. EH] H eras. V. 18. Zomey] (alt) éone BV,

comp. F. 19. dpdaig] dvo dedais FV, dvo add. m. 2 B.

elotv] om, FV. 22, mjv] corr. ex tijg m. 2 V. A4 FV.
omeg #0e1 Seikr] om. FV.

23+ ~
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4.
Ad libr. XII prop. 4.

Kol énel va év vij ABI'H mvgauld: 8vo molopora
oo dotly addjdoig, dAra pny xal ta év vfj AEZO
mvgaulde dvo molopare loa dAdjhow fotiv, Eerw
fge g T0 molopx, oV Pdeig v0 BKAE megaiindd-
yoauuov, axsvaveiov 0% 9 MO s0&:le, mdg to molouc,
ov fdog ptv 10 AET volyovov, amevevriov o o
OMN, oftwg ©o meloue, ob fdaig v6 ITEP®D, dmecv-
avtiov 08 5§ ZT, medg ©o moleue, 0¥ fdaig utv o
POZ rolyovov, amevavsiov 8t 16 ZTT. evwdévre
dorly dga &g to KBEAMO, AETMNO mplopare
wgog 10 AET'MNO molope, otrwg ve IIEQPET,
POZETYT molouata mgdg ©6 POZETY mglouc.
dvaddat Hoa fotlv g ve KBEAMO, AETMNO
ngdg 1@ IEDPET, POZETY molouare, odrwg to
AETMNO mglope mgog 16 POZITT molouye. g
0t ©0 AETMNO nglope mgog 16 POZITT molouc,
ovttawg elydy n AET Paowg meds iy PDZ, nel 4
ABTI Bdeig mweog tjy AEZ fdew. xal dg dex Tod
ABT rolyovor medg 10 4EZ zolywvov, ovrtmg te v
vij ABT'H mvoaulde 0vo molopate meds ta v 4
AEZ® mvgapld. 0vo molopare. Ogolog 0% xdv Tdg

© Umodeimoudveg mvgauldag diédousy ToV edTov TEéMOV

olov &g tag MNOH, EZTY0, ¥ovar dbg § MNO

XII, 4. Pro uerbis &g 6¢ p. 160, 13 — Jeifer p. 162, 14
Theon (BVq). de figura u. p. 159.

2, fotw loa B. 4. BKAF]inras. V. b5 MO] Me
corr. V., 6. pév] om. V, 7. ott0 B. 9. nal cvvdérn
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4.
Ad libr. XII prop. 4.

Et quoniam duo prismata pyramidis 4 BI'H inter
se aequalia sunt, uerum etiam duo prismata pyramidis
AEZ® inter se aequalia sunt, erit ut prisma, cuius
basis est parallelogrammum BK .45, ei autem oppo-
sita recta MO, ad prisma, cuius basis est triangulus
AET, ei autem oppositus OMN, ita prisma, cuius
basis est ITEP®, ei autem opposita Z T, ad prisma,
cuius basis est triangulus P®Z, ei autem oppositus
ZTY. componendo igitur est KBEAMO 4+ AETMNO
tAETMNO=HIE®PPET+ POZETY: POZETT.
itaque permutando erit

KBEAMO + AETMNO : IIE®PET -+ POZETY
= AET'MNO: POZEZTT.

demonstrauimus autem, esse 45'MNO : POPZETY
= AEI: POZ = ABI': AEZ. itaque etiam ut 4BI"
:4EZ, ita duo prismata pyramidis 4BI'H ad duo
prismata pyramidis 4EZ®. similiter si reliquas py-
ramides, uelut MNOH, ZTT®, eadem ratione diui-

q.  10. doa Z0ttv V.  11. oftw0 B. IIPE®ZT, post &
ras., V. 12. POZETT] P inter duas ras. V. EPZETT
\2 nolopate q. 18. KBASMO B. ZAI'MNO B,
AZTMON q et ON in ras. V; seq. melopare V.

14. IE®PET] ®P in ras. V. oftw B, 15. o 04 — 186.
POZETT melope] om. q. 18. aoty] om. V.  19. obro
q.  22. vmolstwopdvag] mg. m. 2 B, in textu yevouévag.

23. og] (priue) bis V.
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Boeig meos Ty ETT Pdew, ottwg ta v 1] MNOH
nvgaulde 8vo mplouare mog ta év 1 ZTTO mvge-
pide 8vo melopare. ddd’ og ) MNO fheg medg Tiv
ZTY Bdow, otrwg %y ABI fdoig moog iy AEZ

5 foew. xal g Gga 7 ABI fdows medg tyy AEZ
peaw, otrog xal ta v vf; ABI'H mvgauld. 8vo mole-
pote npog to év tff AEZO® mvgauld: dvo molopara,
xal ve év vij MNOH 8do molopare medg te &v Tf
ZTTO mvgoulde dvo mplouare, xal ta té66aga mpdg

10 T& téocage. Ta avta 0% deydicerer xal énl vdv pe-
vouéveov moieuatov x tig dimgéoiwg tdv AKAO
xnal AIIPY mvgapllov xal ndviov dwiog tav (6o-
ninddy: oneg Edec OelEou.

5.
Ad libr. XII prop. 17.

dsuxréov 8y xal érépmg mooyeiplTsgov, Ot pelfov

15 éorly 1] AW vijg AH. fz0w dand vo0 H tfj AH mog
bpPag 7 HA', xol énsletydo o A4'. téuvovrsg o9
v EB meoupépear Olye xal Ty qulesiay edrig
dlya xal vovro dsl mowoDvres xatedslpouty Tive megi-
glpsav, 7 donv éhdoowy tiig Umorswoufvng Tod
20 B4 E xvxhov wegupegelug vmd tijg lomg tff HA'.
AedelpPo xol Eoto 1 KB msouplpeie. éhdgomv Goa
xal 9 KB e09sla vijg HA'. xol énel év xvxdep éotl

XII, 17 inter émpdveiar et dvo p. 240, 5—6 PBVq. De
figura u. p. 231. pro 4’ in P scribitur ¢; litteram hanc in

fig. om. B.

6. otze Ba. dvo] om. V., 7. mpds T — melopara])
om, q. mveaplds 0vo molopara] om. V. 8. xal] nat fro
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serimus, erunt ut MNO : Z T, ita duo prismata pyra-
midis MNOH ad duo prismata pyramidis ZT7T6.
uerum MNO : ZTY = ABI': 4EZ. quare etiam ut
ABI': AEZ, ita duo prismata pyramidis 4BI'H ad
duo prismata pyramidis 4EZ® et duo prismata pyra-
midis MNOH ad duo prismata pyramidis ZTT6,
et quattuor ad quattuor. eadem autem etiam in pris-
matis ex diuisione pyramidum 4K 40, 4IIPX ortis
demonstrabuntur, et omnino in omnibus prismatis nu-
mero aequalibus; quod erat demonstrandum.

5.
Ad libr. XII prop. 17.

Jam aliter quoque promptius demonstrandum est,
esse AW > AH ducatur ab H ad 4H perpendicu-
laris HA’', et ducatur 4 4’. iam arcum EB in duas
partes aequales secantes et dimidiam partem eius in
duas partes aequales et hoc semper facientes arcum
quendam relinquemus minorem arcu circuli BI'JE,
sub quo recta aequalis rectae HA' subtendit. relin-
quatur et sit arcus KB. itaque erit KB < HA'. et

V. d7o] e corr. V. 9. 7¢] om. B. téoesga B, corr.

m, 2. 10. ©¢] om. q.  zéscsex B, corr. m, 2. wwoué-

v q. 11. zé#»] corr. ex 7é m. 2 B, AAKO #

12, meln&&a] els 76 mifog q. 13. Gmep #dsc deifou] om.

BVog; in V del. 7t 8¢ dotv g 76 A. 15. A H] (prins) H

e corr. V, 4K q. 16. H4') H4 Vq, H B. AA'] 44

Vg, 4 B; mg. ) HA el éxefedybo 77 A4 m, 2 B,

18. 70970] 76 avré q. 19. dotv] forar . 20. 7jj] Tiis B.
HA') HA4 V (4 e corr.) et B (supra scr. 4 m. 2), H4 q.
21, sllnepdo q. 22. HA'] HA V, HA q, H B (supra

ser. HA m. 2).  fomy P.

/
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10 BKX O zergamisvgov, xal elow iear ol OB, BK,
KZ, xal éldrrov ) OZ, dufleie doa fotlv 7 Vo
B¥K yovie. pelfov doe v KB viig B¥. dlda tig
KB pelfov éotlv 7 HA" moddd toe 7§ HA' pelforv
éotl tig BY" usifov doa xal 10 dmd vijsc HA' 100
dno vijg BW. xal éwel lon éotlv n AA" v AB, leov
xel 10 and vig AA' td and vig AB. alle 6 piv
ano vijg A4’ low v dno vdv AH, HA'y v$ 0% amd
vijg AB loa v and tov B, WA wa dpa and rov
AH, HA' [oa volg and tov BY, WA, dv 10 axod
viic BY #arrdv dori vov amd viis HA* lowmdv dgo
70 and WA peitdv dori tov and AH' pelfov doa 1
AW vy AH.
6.
Ad libr. XIII prop. 6.

‘Edy ¢y evdela dxgov xal wéoov Acyov tundyj,
éndTegov THY TUMUATOY dmovous] foTi. OnTy yog B
AB éxgov xal péoov Adpov terwiodw xare ©o I' on-
uelov. @vppergov tufjud fott 76 AL Adyw, 8vv éxa-
répe tdv AT, I'B amovousr éore. xelobo tijg AB
nuiesie 1§ Ad. ¢nqvy 0% y AB- $nvy doa xal 3 Ad.
ual émel mevvamwddedy éore ©o amo tijg I'd tov dmd
tiig AdA, énzdv 0% T amd vov A A, nrov doo xal

6. Haec propositio inter libb. XII et XII legitur in solo
q (cfr. p. 246 adn. crit.). in re parum differt a XIII, 6, qua-
lem recepimus; sed merba magis abhorrent, quam ut scnptura.
codicis q inter discrepantias meras recipi possit. est detrun-
catio prop. 6 genuinae. cum praeterea scriptura erroribus scri-
barum plurimis laboret, interpretationem Latinam non dedi.

of] om. q. 2. 9] dmd vé B. 3.a&dld] dila nel q.
HA') HA V, 4H q, H B (supra scr. H4 m. 2).
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quoniam in circulo est BKXO quadrilaternm, et OB
= BK = KX, minor autem OX, obtusus est /| B¥K.
itaque KB > B%®., unerum HA4 > KB. itaque multo
magis HA" > BW. quare etiam A4 H®> BP? et
quoniam A A’ = A B, erit etiam 4’ 4% = 4 B* uerum
AH® + A'H? = A’ 4% BWP* | W42 = 4B: ergo
AH'+ A'H'—B¥* ¥ 4°, quorum B ¥ < 4 H*.
itaque FA*> AH” ergo AY > AH.

HA') HAV (4 inras) et q, HA e corr. B. 5. peifor] pet
Loy HAl HAV (4 in ras.), H4 q et B (4 postea ins.).
6. rng] om. P, 44'] 44 Vq, 4 B (supra scr. m. 2 44).
7] corr. ex g P. 7. A4') 44 Vq, 44 postea ins.
B. 7] corr. ex rod m. rec. P. 7] corr. ex 16 m, 1 q.
8. 441 A4 Vq; AH B, A4 m. 2. 4H] &7 B.
HA') HA Vq, H4 B. 10. AH] ins. m. 2 in spatio uacuo
B. HA'l H4Vq; H4 B, corr. iIn HA.  loo doti V.
11. owe] om V; domwv P. -mg] om. P. HA']ras. V, H4
q (H e corr. m. 1), 7jeg B; seq. xef comp. V. 12. zijg ¥4
Vq. g AH Vq; 4 mutat. in 4 B.
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26 and vov AI. xol énel mevvamidady éovt ©o amod
tvijg AT ©ot amo vijg A4, v0 &pa and twv AT meodg
70 amwo tav AA Adyov ovx Eyel, Ov TeTdywvog aoLIuds
7wQOg TETPEYOVOY dLBudy, dAA’ Ov pdv aeidudg medg

b agududy. aovupergos doa fotly 3 AT vfj AA prjxse.
xal éote dnrn éxavépa: af I'd, A4 &ge ¢yrol slow dv-
vdust udvoy ovupcroi. dmovouy e fotiv B AT
¢nry 0t ) 4B, xal te and tév AT ldov mage T
AB mapaféPinrar 1o vwd vév AB, BI. ©o 0t &«

10 amwotouny mage ¢nryy megafallduevov mAdvog moLsl
amorouny mewrny. dmovouy dpa xel 5§ I'B. éxaréoa
0 dga tov Ay, I'B dmorowr] éarwv. éav dge oy
e0Dela axgov xal uédov Adyov wundij, éxdregov tav
TunudToY damotour) €oTiv.

1.
Ad libr. XIII prop. 5.
15 "AdAdwg. .

‘Eav sodele yoapuy &xgov xal uéoov Adyov tundyj,
fovar og ovvaupdregos 7 GAn xal ©o usifor Tuijua
7@og THv OAnv, ofrwg 5 OAn mods 0 pelfov Tufjue.

Ev9sia pip rig 9 AB dngov xal uésov Adyov ve-

20 tufjodo xare vo I, xel fovw pelfov tuijue ©0 AT
Adyw, Bt éotly og evvaupdregog 7 BAT mpds AB,
ottag 1) BA mgog AT.

Kelodo yap tfj AT log 5 A4 Adym, Sv éoriv

7. Hoc &Mog habet P post XIII, 6, q in textu pro XIII,
6, b mg. m. 1 post XIII, 5.

15. #liwg] om. q, in quo numerus prop. erasus est.
16. péoo q.  20. forw] fovar b.  21. 4B] B4 P.
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1.
Ad libr. XIII prop. 5.
Aliter.

Si recta linea secundum rationem extremam ac
mediam secatur, erit ut tota cum parte maiore ad totam,
ita tota ad partem maiorem.

nam recta 4B in I" secundum rationem extremam
ac mediam secta sit, et maior pars sit 4I' dico,
esse BA - AT': AB = BA4: AI'. ponatur enim 44
== A4TI. dico, esse B4: B4 =BA: AI. nam quo-
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wg 9 BA mgog vy BA, otrwg 9 BA meos tivy AT,
émel yag N AB axgov xal péoov Adyov véruqrar xara
vo I, xal peitov tuijua ove ©o AT, oty dga ddg 7
BA mpog iy AT, obrag v A" mgds v I'B. oy

50t ) AT ©f) A4 Eetw dga og % BA moog A A,
ovrag N AI' mpdg I'B' dvdmedww dga dotlv dg 7
A4 medg iy AB, ovraag y BI' moog vy I'd" ovv-
Bévte dpo fotlv g 9 AB meds v BA, ovitwg %
BA mpdg AT. ien 8¢ éorw 5 A4 tfj AT Eorwv Goa

10 dg ovvappdregos % BAI mpdg v AB, olrwg %
BA mgdg AL xal émel dé0einvar dg ) 4B mpog B A,
ottwg y BA meog AT, ilon 0t n I'd vij 44, Eorw
dge g 9 AB medg Ty BA, ovrwg 7 BA mpdg Tow
Ad. xal 7 AB dga dxgov xel pédov Adyov TéTunTeL

16 xate ©0 A, xel ©o pelfov tufuc dorww 7 & agyis
s0@ele ) AB* Omep £0s dettau.

8.
Ad libr. XIIT prop. 1—5.

T¢ dotiv avadvdig xol vl dot. ovvdedig.
‘Avdiveg ptv odv fotu AMjyug Tov {nrovpdvov dg
opodoyovuévov Oie Tdy axodovdwy éxl vi adndig dpo-
20 Aoyovuevov.

8. Hae analyses in meis codicibus coniunctae sunt. legun-
tur in P (in quo demonstr. alt. prop. 5 sextam sequitur) post
demonstrationem alteram prop. b (supra nr. 7 signatam), in B
post prop. 6, in b post prop. 5 (prop. 6 deest), in q post pro-
positionem in eo sextam, quam supra ar. 7 sxgnammus, iV
analyses prop. 1—3 in textu sunt poat prop. , prop. 4—5
eodem loco mg. inf. m. 2.

2. 4B] B4 P. 4. BA] 4B q. 5. 84} 8" P.  44]
A4 P. 1wy Ad P. 1. d4] 4B b. ©iv] (prius) om. b,
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niam 4B in I" secundum rationem extremam ac me-
diam secta est, et maior pars est 4TI, erit B4 : AT
= AI': I'B. uerum AI'=dA4. itaque BA4: 44
= AI':I'B. e contrario igitur 44: 4B = BI': T 4.
componendo igitur 4B : BA = B.A: AT. uerum 44
= AI. itaque B4+ ATI': AB=BA: AI.") et
quoniam demonstrauimus, esse 4B: B4 =BA: AT,
et I'd=Ad4,erit AB: B4 = B.A: A4, ergo etiam
AB in 4 secundum rationem extremam ac mediam
secta est, et maior pars est recta ab initio sumpta
AB; quod erat demonstrandum.

4 ! { |
T 1 | I

4 4 r B

8.
Ad libr. XIII prop. 1—5.

Quid sit analysis, quid synthesis.

Analysis est adsertio eius, quod quaeritur, at con-
cessi, qua per consequentias ad aliquid peruenitur,
quod uerum esse conceditur.

‘1) Hic perfecta est demomstratio é)roposxtloms, qualis in

nostro &liwg exposita est. reliqua addita sunt, ut intellege-

retur, sub hac forma idem demonstrari ac in ipsa propositione
b, qualis in textu exposita est.

9. mobg] moog rnv P, 4] & P. 44) A4 P. 10. 4B}
BA P 11, vy AT P. 12. I'd] AT P. A4A4] A4 P

14. xea(] 'prius) om. P.  15. na{] om. b,  17. =’ — odv-
deoig] om. V. 18, piv ody] om. BVbgq.,  édomww P.
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Zvvdeaig 0 A rob oSuoloyovudvov Ok TAw
axodovdwv éml vi aindis dpoloyovusvov.

Tot & Bemoriuarog 1) avadvoig xal 1) 6Vvdecig
Zvev xarayga@is.

Ebdeia pig tig ) AB dngov xal péeov Adyov re-
tuijede xave 0 Iy xal fotw pelfov vufue ) AT, xal
tfj fmoele tijg AB loy xelodw 5 AAd* Adyo, G
nevranddeidy éere ©o amd tiig ['A tob ano g A .

'Enxel yop mevvemddoidy éoti ©o and vijs I'd zod
amo wijs A4A, ©o 0t dmo vijg I'd éovu e dmd réw
I'd, A4 pera vov dlg vno vév I'd, Ad, va &oa
and tov I'd, AA psve vov Olg vmé védv I'd, A4
wevtamhoow é6te tov and A dusdlvre dga 1O amd
wijig I'd pera tov dlg vmd tov I'd, A4 tevgarmicoid
dort vov dmd Ad. éAe ©d pdv dlg Vmd vév I'A,
Ad igov éotl 16 vmd vdv BA, A" Oimdij yeo %
B4 vig Ad" ©g 0% dnd tijg AT ooy éorl to vmd
1ov AB, BI" % yee AB dxgov xal uéeov Adyov té-
TunTeet 0 &go Uno tov BA, AT pere tov vmd AB,
BT tevgamidoioy dove tov dmd tilg Ad. adde T
w6 vév BA, AT peve tov ¥mo téov AB, BI 7o
dnd vijg AB éovw. 10 e amd tijs AB rergamid-
6oy dotL Tov amd AAd. Eer 04 duwdij pdo oty 1)
AB rijg A4.

2. 7t dinbic opoloyodusvor] P, iy tod fnrovpévov xora-
inkwy firor xaralyyy BVba. 10. zd] zo¥ b. éouv B.
12, Ad] (alt.) corr. ex A" m. 1 Db. 18, oty P.

zijg A4 V. 14. teteanmddoéy Vq.  18. zidv] om. baq.

16. 76] To¥ b. Tév] om. q. yog éotiv bq. 17. =]

corr, ex zoy m. 2 P. ATl T'4 q. 19. AB)] toy 4B Y’
20. 7ijg] om. V. . 6] 7o q. 22. dnd] bis q. Tiig]
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synthesis est adsertio concessi, qua per consequentias
ad aliquid peruenitur, quod uerum esse conceditur.

Analysis et synthesis prop. I sine figura.

recta enim 4B secundum rationem extremam ac
mediam secetur in I, et maior pars eius sit 4T, et
ponatur A4 =1, AB. dico, esse I'd* =544

nam quoniam I'Ad% = 5443, et

T4 =TA4% 4 44% 4 2I'd >< 44 [11, 4],
erit I'd®+4 A4+ 24 >< A4 =544% itaque
subtrahendo I'4% 4 2I'd >< A4 =4.A44% uverum
4 4 r B

f 1 I )
I F I 1

BAX AN =2I'd>< A4 (nam BA =244), et
AI* = AB >< BI" (nam AB secundum rationem ex-
tremam ac mediam secta est). itaque BA >< AT
+ AB><BI'=444% vuerum BA > AI'-+ 4B
> BI'= A4B* [II, 2]. ergo AB® =444 et est;
nam AB=244.

om. P.  {on V, lsov ozl bq. and] vmé b. 23. da=d]
dné tijg V, vmd b
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Zvvdeois.

"Ensl ovv revpamideidv dote to amd tiig AB Tow
amo tig Ad, ¢Ade ©o ando BA 1o Umd BA, AT éors
peve vov vmd AB, BT, ©0 dga vm0 BA, AT usra

5 vob tmd AB, BI vevoamidoiby ot vob dmd AA.
gAke ©o utv vmd tdv BA, AT leov éorl td Olg Do
vév 44, AT, ©o 8t vnd tdv 4B, BI loov éori T3
and wijg A" ©d &pe and vig AL pere tov dlg Vmod
vov 44, AT tsrganideidy deve vov amo vijg AA-

10 dore 1 amd vov AA, AT pere rob dls vEO THY
A4, AT nsvremhdewd vt tod dmd vijs AA. To 8%
ono tédv A4, A ueve: vot dlg vmd tdv A4, AT
7l awo vijg I'd éovw. ©0 doa anmd vig I'd mevra-
nAdeidy dory Tod dmo tijg AA- omep £0er Osibou.

15 To B dewofuaros §) avdivaig xal 3 6¥vdeaig
Gvev xaToygapig.

Eb9sta pip wg 9 I'd tuquoarvog éaveijs tov A4
nevtamdooiov dvvdedw, tiis 02 AA dimhij nelodw 1
AB* Aéyw, ovi ) AB dxgov xol péaov Adyov révuyrar

20 xare ©0 I' onuelov, xol 1o pellov tuijud éovw 5 AT,
rig dovl ©0 Aoumov uégog vijc E dpyiis svdelus.

"Ensl 7 AB &xgov xal uéeov Adyov rérunrar xare
70 Iy xol ©0 peltov rtufjud dovwv 5 AT, ©d doa vmo
tév ABI loov dovl ©6 amo vijs AL Eare 0% xal ©o

25 U0 tav BAI ©d Olg ox6 tév 44, AT loov: dumdij
yag éovw 3 BA tijg A4 ©o dge vwd vév AB, BT
pere Tot Omod vév BA, AL, Omeg Zovl ©l &mo tig

2. BA BV, B”4’ b, 3. douv B. 11, mevTanldoidy
Va. 13, dotev] doe Vq, comp. b, 14. meq #3ec dsita]
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synthesis.

Tam quoniam AB® =4A44% et BA*=BA><AT
4 AB>< BI'[II, 2], erunt BA>< AT+ AB >< BI'
—444% verumBA>< AT =244>< AT, AB><BT
= AI" itaque AT + 244> A =44 4% quare
A4+ AT+ 244> AT = 5443 veram JA4?
4 A 4244 >< AT'=T4* [II, 4). ergo I'4?
=54 A% quod erat demonstrandum.

Analysis et synthesis prap. Il sine figura.
quadratum enim rectae I'4 quintuplum sit qua-
drati partis eius 44, et ponatur 4B = 244. dico,

4 A r B

| | | {
1 T T I 1

rectam 4B secundum rationem extremam ac mediam
in puncto I'" sectam esse, et maiorem partem esse
AT, quae reliqua pars est rectae ab initio sumptae.

quoniam 4B in I' secundum rationem extremam
ac mediam secta est, et maior pars est AT, erit 4B
> BI=AI™ uerum etiam BA > AI'=244>< AT}
nam BA=2A44. itaque erit AB>}BI'-+ BA>< A"

om. q, 0)— b. 15. 7] (alt.) om. P. 19. 1éyov] om. b,
20, opueioy] om, V.  70] om. bq. 21. douiv P.

22, émel yag BV.  25. B4, AI'b. 26. BA] 4B q.

27. ro¥] om. q.  7é¥] om. Bbq.  doviw P.

Euclides, edd. Heiberg et Menge. IV. 24
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AB, i6ov éori 1 Olg vmo thv JA, AT peve tov
ano tijg AL. tevpamhdoov 0% ©6 and tijg AB 1o
dnd tijg AA4° verpamiadiov dgo xel to dlg VmO THY
AdA, AT pere ot and AT ot dmo A dere Ta
axd tov AA, AL peve vob dlg vmd tédv A4A, AT,
8meg éotl 0 amd vijg I'd, mevvamddoidy ot Tob dmwd
tiis 4A4. é&or 0%

Zvvdeoug.

'Ensl ovv mevtamhdowdy doti 1o amo tiig ['d rod
amd tijg A4A, 16 0t dmd vijg I'd ta amd tav AA,
AT ot pera tov dlg vwo 1oy AA, AT, ta doa dmd
tov AA, AT uera rov Olg Umo tov dA, AT mevra-
nmlooit 61 tob amo A.A. Sieddvre o dlg Umo ToV
AdA4, AT pera vot axé i AL vergamidody éore
100 and vijg Ad" dore 0% xal 1o dxd vijg AB verpa-
nddoiov 100 and AA* ©o dga dig vmo tév A4, AT,
Omeg fovl 10 dmak Vmo vov BA, AT, pera Tov amd
AT, ieov éotl e amd tijg AB. adAde 6 dmd g
AB ©d Vw6 AB, BI' ée6ti psve tod vmd BA, AT-
10 doa vnd BA, AT uera vov vwd AB, BI' ieov
éovl ©5 vmd BA, AT peve tov ano A" xel xowod
dpaigedévrog Tov vno BA, AL, Aoumdv dpa ©o VWO
AB, BT icov o1l t6 dmd AI™ éovw &ga dg n BA
7wo0s v AL, otrwg 1) A" meog v I'B. uellov 6t
1 BA vijg AT peitov doo xal 4 AT tijg 'B* 77 AB
dgo dxgov xal uéeov Adyov vérunrer xeve 1o Iy xal
10 peifov tufjuc éovww AT Gneg &0e deibau.

4. ano g AT V. tic A4 V.  td] 76 q. 5. pera
— AT} supra m. 2 B. mé] dnd q. 6. dotiv PB.
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=24 4>< AT+ AT"— A4B? [I1,2]. sed AB*=—4 4 4,
itaque etiam 244 ><AI' 4 AI? =44 4% quare
AA 4 AT+ 244>< AT = 54 4% = T'4* [11, 4],
et est.

synthesis.
iam quoniam I'd?=5442 et T4%= A4 A%} AT?
4+ 244> A (11, 4], erit 44>+ AT* 4244
>< AT'="54 42 subtrahendo erit 24 4>< A+ AT?
— 444% uerum etiam A B® = 444% itaque 244
X A+ AT = AB* = BA > A" 4+ AI'®. uerum
AB%* = AB > BI' + BA > 4TI [11, 2]. itaque BA
<X A + AB >< BI' = BA >< A" ATI™. et ablato,
quod commune est, BA >< AT erit AB >< BI'= ATI".
itaque BA: A= AI':T'B. et B4 > AI. itaque
etiam 4I'>I'B. ergo 4B secundum rationem ex-
tremam ac mediam in I" secta est, et maior pars est

AT quod erat demonstrandum,

ré] om. B.  wsvramldee B, comp. V. 7. tijg] om. P.
forv Bb, om. q. 6¢] om. q, JE b; dein add. dwx Ty Omo-
Qe BVq, mg. m. 1°b. 10. ze] 76 BYV. 11, domv B.
and)] corr. ex vmwo V. 13. dor:] om. V. 44 q, tis
44 V. 15. z7j¢] om. P. oty B. ano] corr. ex & m.
1P 16. zijg 44 V. tév] om. P. 17. 4oty B.
18. did¢ — rijg¢ 4 B] postea add. m. 1 mg. P. 19. dwo v
V. {ouv B. 20. vmé] (alt.) dmé q. leov — 21. B4,
AT] postea add. m. 1 mg. P. 21. 7¢] corr. ex =6 m, 2 P,
23. AB, BI'] corr. ex ABI"V 4B Db, ABI"B
25. AT) (prms) r4 q doee AB V. 27. dmee £dse
deifoe] om. Vq, 0)— b.

24%
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Tod y Bewpriuaros 7 avadvoig xal 4
ovvdeaiLg.

Ev®cla yag yoouuy 1 AB dxgov xal uégov Adyov
reruodm xara vo I' enuelov, xal éotm peifov tufjua
0 AT, el tijg AT nuicae § I'd" Aédyw, 8n mevia-
wAdowy doti 16 amo tijs BA vod amd zijg I'4.

'Emel pop mevvemddedy ot vo dmwd tijg BA rod
ano tijg I'd, ©o O dno viig 4B 6 vmd vév AB,
BI éote peve vo amd AL, w6 doo vmo AB, BI'
ueve vov dmo AI' mevramdoidy fove Tod amo AI™
dusddvee 10 dpa vwo AB, BI rergamideiov éove tov
and AI. v 0t vrd AB, BI leov éotl 7o amod tijs
AT %) yag A B dxgov xal uéoov Adyov térunrar xeare
70 I'. 70 &ga amd vijg AT retpomioidy ot Tob amod
AT, éove 8¢ dumddj yoo 0 AT vijg AT

‘H 60v8e01g.

‘Enel Ouwhij éorwv 77 AL tijg AT, vergamdaoidv
dote 76 amd AT tob amd AI. dike v¢ amd AT
léov fovl 10 vmd AB, BI" 16 épa vmo AB, BI
reTQandaoidy éoti Tob amd AI. cvvdévr 1o dea Vo
AB, BI' pera ot and AT, 8msg dorl ©o amo 4B,
nevranddody éot. tod amo, A Omep Edeu dsifar.

Tot 8 Bewoiuarog f dvdivaig xal 4
ovvdeaig.
Eb9cia pag yoauun 7 AB éxgov nel uéeov Adyov
reTuijodo xove vo I, xal fovw peifov tuiue 7o AT

1. %] (alt.) om, q. 8. yae] om. bq. léyov] om, P,
8. 4B] e corr. V, B4 q. 9. BI'] corr. ex AT m. 2 B.
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Analysis et synthesis prop. IIL

recta enim 4B in I' puncto secundum rationem
extremam ac mediam secetur, et maior pars sit AI”
et I'd =", 4I. dico, esse BA4* =5TId%

nam quoniam BA% = 5I'4% et 4B*=A4AB><BIl
+ 4TI (11, 6], erit AB>< BI' + AI'* = 54I®. sub-
trahendo erit 4 B >< BI' = 4 4I"™. uerum 4I"* = AB

44 v 3

>< BI'; nam 4B in I’ secundum rationem extremam
ac mediam secta est. ergo AI%=44I% et est;
nam AI'= 24T,

synthesis.
quoniam AT == 24T, erit A" = 4 4I'®. uerum
AB>< BI' = AT itaque AB>< BI'==44TI"% ad-
dendo erit 4B >< BI' 4 AI'* = 54I"% = A4 B* 11, 6];
quod erat demonstrandum.

Analysis et synthesis prop. 1V.

recta enim 4B in I' secundum rationem extremam -
ac mediam secetur, et maior pars sit 4I. dico, esse
AB? 4 BI* =3 4I",

the AI' V, I'd P, 11, &pa 6 BYV. 15. =ij¢
4arv. fouy B. 16. %] om. Bq. 17. I'd P.
18. 7¢] corr. ex 6 m. 1 b. @mé] om. b,  20. dnd] (prius)

om. P. 22. douwv P. Omég #3051 Jdsikas] om. q, 0)— b.
23. 7] (alt.) om. q. 26. yag] om. bgq.

rd

o
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Ayw, ot ta amd tév AB, BI tourlacia éote tov

ano AT.
"Emel pog to and rov AB, BI toumwdacia éoti Tov
ano AT, diie vo énd rév AB, BI' ©d dlg vmo tév
5 AB, BI" éove psta tov ano AT, ©o dpa dlg vmo tdY
AB, BT psre vov amd AT voumddeiov éote tob amo
AT Sieddvre T6 dga Olg Umd AB, BI" duxdcody éore
t00 and AT dore 10 Um0 vév AB, BI leov Zoti
1 and tig AT &om 0¢° o yap AB &xgov xal péoov

. 10 A6yov térunrar xare vo I.

‘H 6vvdcoig.

Enel 7§ AB Gxgov xel péeov Adyov rérunrar xava
70 I, nal éote peifov tuijue ) AT, ©o &go vmwo AB,
BT isov ford vey amd AI™ vo &ge dlg vwo AB, BI
15 duwddeidy éo1e Tov amo AT ovvdéve ©o dga dlg v
tov AB, BI pete tov ano A roumdcodv éori tob
and AI. d¢lda 0 Olg vmd vév AB, BI' pere Tov
ano tijg AL ¢ and tév AB, BI éomt tevgaymve:
Ta dga and 1oy AB, BI" tgumdaoid éote tob dmo AT

20 Omeg €0z deifou.

Tov & Deweruarog 4 avaiveis xal 7
avvdeaig.
Eb9sta pig tig 1 AB &xgov xal péeov Aoyov ve-
Tuiede xeve 1o I, xel &6t peifov wujue f AT,
op xal tij AT lon neledw 1 AA" Aéyw, Ove 7 4B dxgov
xol péeov Adyov térumrow xeve 10 A, xal o psifov
Tuijud éotiv 1 AB.

5. tov] om. V. 6. éorv P. 7. tév AB V.,
dimddgiov — 8. BI'] om. q. 8. 76) om. b.  Ywé] dmd V,
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nam quoniam 4B* + BI'® = 34I", sed AB? ++ BI™®
" — 24B >< Bl + A [II, 7], erit 24B >< BI" + AI*
= 34I"% subtrahendo erit 24B>< B = 24T

4 r B

| | }
I I ol

quare 4B >< BI'= AI™ et est; nam 4B secundum
rationem extremam ac n_lediam in I secta est.

synthesis.
quoniam 4B secundum rationem extremam ac me-
diam in I" secta est, et maior pars est 4TI, erit 4B
> BI'= AT% itaque 2AB < BI' = 24I% ad-
dendo erit 24B >< BI' + AI'* = 3 AT vuerum 24B
>XBI'4+ AI'* = 4B® 4 BI'* [II, 7). ergo AB?®
-+ BI'? = 34I; quod erat demonstrandum.

Analysis et synthesis prop. V.
recta enim 4B in I" secundum rationem extremam
ac mediam secetur, et maior pars sit 4I, et ponatur
Ad=AI. dico, 4B in A4 secundum rationem ex-
tremam ac mediam sectam esse, et partem maiorem
esse 4 B.

Gnat owé Bb. 9. 7¢] supra scr. o m. 1 b,  zi)g] om. B,
foniv B. 10. I" omeg #0s¢ dsifor B. 11. 7] om. Bb,
18. »el{ — AT) postea add. m. 1 P, mg. m. 1V (4T e

corr.) 14. i{gov — BI'] mg. m. 2 B. T3] 6 q. and]

om. B. w6 Tév B. 15, duwddooy — AI'] etiam in mg.

am 2B (rijg 4T).  18. 7ijg] om. q. éotv P, 19 BI"

terpayowa Bbg. 20. 8meg £de deifen] om. q, 0)— b

21, 1] (alt.) om. V.

/



376 APPENDIX I

Emel yag 7 AB dxgov xal péov Adyov térunrae
xove ©0 A, xol 1o psifov Tufjue ot 1) AB, Eoriv
dpo 3 9 AB mpog iy BA, ovrmg ) BA mgog THv
AA4. ien 0 7 A4 vij AT & doo g v AB meog

5 mqv BA, ovrwg 1) BA medg iy A" dvasrgéyavre
doo og 7 BA meds tiy AA, obrwg ) AB meds T
BI™ duzddvre &g og ) BA mpog tjy Ad, olreg %
AT mgog vy I'B. lon 6t 4 Ad ©f) AT Eorvv Goa
ws 9 BA mgdg vy AT ovtws 9 AT meos tiv I'B.

10 fote 88" % pag AB éxgov xal péoov Adyov vérumron
xara vo I

‘H avvdeaus.

"Enel % AB #xgov xal péoov Ayov térunrer xeve

v I, éorwv dpa og % B A meds wyv AT, otrws %
16 AT meog vyv I'B. lon 0t ) AL v} A4 éorwv dga
wg 7 BA moog tqy AA, otrwg § AT meég v I'B:
ovvdévte g 7 BA meds iy AA, otrwg 1§ AB medg
v BI dvaoreépavre g 1) 4B noog tijy BA, otreg
% BA mgog iy AIL. lon 0% ) AT ©f) A4 Z6rw doa

20 og 1§ 4B mpog BA, ottwg % BA meog AA. 1) e
AB éxgov xal péeov Aoyov réruyrer xeve t0 A, nal
10 peifov tufud fomv 9 AB Omep s detfou.

. 9.
JAd libr. XIIT prop. 17.
‘Pyry) pop 7 AB dxngov xal uésov Adyov terunedw
xove o I, xal fove peifov vo AI. mgooxnclodwo Ok

9. Ad nocabulum x¥fov p. 326, 19 signo & relatum in mg.
inf. hab. P m. 1 (pro scholio).

1. émel — 2, AB] mg. V. 1. yde] ovv V. 2. xere
70 4] om. V. 6. B4] corr. ex B4 m. 2B. 8. fon — 9,
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nam quoniam 4B in A4 secundum rationem ex-
tremam ac mediam secta est, et maior pars est 4B,
erit JB:BA—=BA:44. sed 44 = AI. itaque

AdB:BA4 = BAd: AI. itaque conuertendo erit B4
d A r B

| | I
I

:d4 = AB:BI" [V, 19 coroll.]. dirimendo igitur
BAd: 44 = AT : T'B[V,17]. sed 44 = AT itaque
BA: Al = 4I':I'B. et est; nam 4B secundum ra-
tionem extremam ac mediam in I' secta est.

synthesis.

quoniam 4B in I' secundum rationem extremam
ac mediam secta est, erit B4: A= AI':I'B. sed
Al = Ad. itaque BA4: 44 = AI':I'B. compo-
nendo igitur B4 : 44 =A48:BI' [V, 18]. itaque
conuertendo 4B: B4 = BA: AT [V, 19 coroll.]. sed
A= A d. erit igitur J4B: BAd = BAd:A44. ergo
AB in A4 secundum rationem extremam ac mediam
secta est, et maior pars est 4B; quod erat demon-
strandum.

9.
Ad libr. XIII prop. 17.%)

recta enim rationalis 4B in I' secundum rationem
extremam ac mediam secetur, et mailor sit 4I. ad-

1) Hoc scholio idem demonstratur, quod in prop. VI, quam
omittunt codices nonnulli; inter eos tamen P non est.

I'Bl mg. m. 2 B. 12. 7] om. Bgq, 17. zﬁq’om. q.
19.tj A4)] in ras. m. 1 P.” 20. weos viw BA V. v Ad
Vb. 21. nara 6 A) postea add. m. 1 P. 22, Smeq £z
deifat] om. q, 0)— b. Oekou] 1o V,
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% AA quicee vijg AB. dnry dow xal n Ad. xal émsl
wevramhaoiov 1o ano I'd tov and dA, of T'd, 4.4
doo ¢nral slowy Ouvvdust udvov ovuuctoor. dmoTOMT)
doa v AL ¢yry 0t 5§ AB. 10 0t amwo amoroudjs
5 mepe ¢y mopefarddusvov mAdrog moiel dmoromrjv:
amoroury &oa éotiv 5 BI. éxdvegov &ga tév AT,
I'B amovous} éotiv &* mgocagudfovea 0% tijg udv AT
1 Ad, vijg 6t I'B 7 I'4.

10.
Ad libr. XIIT prop. 18.
"Addwg v peltov éoriv  MB viig NB.

10 ’Emel pag dumdi] domwv 5§ Ad vijig 4B, tounii) dga
7 AB tijg B4. &g 6t % AB #eog v Bd, ovrag
70 and i3 AB melég ©O and vig BZ dux 10 lgoya-
viov elvow ©0 ZAB tolyovov t¢ ZAB touyeve. toi-
nAd6iov dga T0 amd 19g AB Tov amd tig BZ. é0elydy

15 8¢ 70 and vijg AB tov dwd tvijg KA mevvamidaiov.
wévre Gou 1o and tijs KA voiol roig and vijg ZB ioa
doriv. alia vole T amd vig ZB £ vdv amd Tijg
NB uslfovd dorww. xal mévre dge ta amd tiig KA
8¢ vdv anod tijg NB pelfova dovww. @ore xal Ev 1o

20 awo tijg KA évdg tov amd g NB peitéy édorw.
ueltov dga 1 KA viig NB. oy 6t 5 KA tfj AM.
ueltov doo 1 AM tijg NB. moddg &oa 7 MB tis
BN uclwv doviv: Omep &0e dsifas. Ot 0% volu 1o
and t5jg ZB ¥ tdv and viig BN pelfova fovwv, Osi-

10. Post dzifae p. 836, 14 hab. PBVq.

6] h. e. Gmee éder Jeifau, 9. Post NB add. V: &i-
Lag duwzsov, Ot peltawv dotly 1 rov slxocaédeov mlevea tig
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iiciatur autem 44 =Y, 4B. itaque etiam A A ratio-
nalis est. et quoniam est I'd® = b4 4? [XIII, 1],
rectae I'd, 4 A4 rationales sunt potentia solum com-
mensurabiles. itaque AI" apotome est. sed 4B ra-

A A r B
| { ! {

tionalis est. quadratum autem apotomes ad rationalem
adplicatum latitudinem efficit apotomen [X, 97]. itaque
BT apotome est; ergo utraque 4 I, I'B apotome est;
quod erat demonstrandum. congruens autem est 4I”
rectae 4.4, et I'4 rectae I'B.

10.
Ad libr. XIIT prop. 18.
Aliter demonstratur, esse MB > NB.
Quoniam enim A4 = 24B, erit 4B =3Bd4.
sed 4B : B4 ==AB*:BZ% quia ZAB ~ ZAB. itaque
AB? = 3BZ% demonstrauimus autem, esse AB?
= HK A% itaque H5KA?=3ZB% vuerum 3ZB?
> 6 NB2 itaque etiam 5K 4> 6 NB% quare etiam
K 42> NB2 itaque KA > NB. uverum KA = AM.
itaque 4M> NB. ergo multo magis MB > BN;
quod erat demonstrandum. — esse autem 3ZB?>6BN?,
ita demonstrabimus. quoniam enim BN > N2Z, erit

709 dwdenaédgov. 11. Bd] 4B BV, Bd4]l 4B V.

13. elvew] om. V.  14. BZ}ZB V. 18. dom'q.  20. dons
BVq. 23 BN] NBB, NBN V., pelfov dorév] om. BV,
omeo £de dzifon] om. q.  24. zijg] (prius) rédy Vgq.

dot BV q. :
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Eouev ottwg émel pap uelfov fotlv BN tijg NZ,
- 10 dpa Umd tov ZBN upeifdv fove vo vwd BZN.
70 dgo vwd ZBN psra vob vmd BZN pueilov éorev
1 Ouwcoioy To0 vwo BZN. dalde v ptv vmd ZBN
b uere: Tov vwd BZN 16 amd t1jg ZB Zoww, 16 0% Umod
BZN 10 amd tijg NB éonwv. ©0 &go amd tig ZB
toD ano tijg BN psitdv doviv 4 dumddoiov. ¥v Goa
70 and tiig ZB 0vo rdv awd BN peifov fotwv. @ezs
xel tole ta amo tig ZB £ tdv dwd BN pelfove
10 doTwv" Omeg E0er Osifou.

1. éotv] om. q.  BN] NB g, BNB V. 2. zob d=d)
To? vno ziig V, tof vmo TGy q, T0V ano z7jg B. 3. 4] corr.
ex 7o m, 2 V, mut. in e B. téov ZBN q. Post zov
del. « P, 4. BZN] corr. ex ZBN m. 2 B. 6. ZB) BZ
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ZB><BN>BZ>ZN. itaque ZB>< BN -+ BZ
XX ZN>2BZ>ZN. vweram ZB>< BN+ BZ><ZN
= ZB® [II, 2], et BZ> ZN = NB® itaque ZB?
> 2BN2 ergo etiam 3ZB2%>6BN?; quod erat de-
monstrandum.

B. %670 q, comp. V. vmo tov V. 6. BZN] e corr. V.

76] 70, supra scr. looy m. 2 B, lgov zj P. NB] BENB
v. éotv] om. P. Dein add dxgov yae (supra V) xai
pécoy loyw zstp,nmt ” BZ wata 60 N, xal 70 ¥70 tév dnpav
ioov dotl t6 dmo tiig péons V, et mg. m. 2 B. 7. €] corr.
ex fdv m. 1 q. 8. zav] viig P.  dmo tav V.  10. dorww)
om. q. omep £0s1 Oeifau] om. V.






APPENDIX IL






XL
ig'

'Eov toelg ebdsior dvdloyov 66, 10 mEQLeyduevoy
VRO TdY TELBY OTEgeoy [dov 6T TG AmO Tijg uéong
otegeqy (BomAsvop iy, l6oywvip 0t Td mposonuéve-

forwoay toels cvdeloar dvaloyov af A, B, T, og
n A meog T B, otrwg § B medg v I Adym, om
76 Um0 tov A, B, I' mepiegdusvov eregedy icov éoti
T dand vijg B orveged loomAedow Te xal (dopwvio.
neicBew 15 A lon y AE, xal ovveordte mpog vij E4
evdely xal 16 onuelo t A Tvgovey Oreeed yovia
evdupodpue [on ovegea yovie eDdVppaupog 7 megi-
egouévy vwo vov Zd4d, AH, HA, AE, Zd4, 46,
nal neledao tf) utv B log § HA, vjj 6t T ion 5 @4,
xed ovumendnewoden to AK ovegedv, xal xelobw 1
B loy 1) AM, xal cvveordrem meodg tij MA evdely nal
T@ mWeog avr] Onuelm TP A Tf oreged ywvig Vdv-
yoouue Tf] mepieyousvy vno oy @4, AE, EA4, 4H,
Hd4d, 4@ oy oregea yovia svdvyeaupog n megieyo-
uévy vmd v MA, AN, NA, AE, EA, AM, dore

Hic appendix scripturam cod. b inde a XI, 36 ad finem
libri XII continet nulla littera mutata. quamquam sine dubio
plurimi insunt meri errores scribendi, tamen dubitari nequit,
quin cod. b quasi recensionem quandam propriam praebeat.
cfr. Zeitschr, f. Math, u. Phys,, hist.-litt. Abth. XXIX p. 1 —22.

Euclides, edd. Heiberg et Menge. IV. 25

36
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lonv &var v utv vwo tév Od, AE tjj imo tév
NA, AM, v 0% Ono tdv @4, 4H tfj vnd TdY
NAd, A5, wqv 0t vwo vy HA, AE ©jj vmd tév 54,
AM, xal zeloBo t) B oy éxavépe tdv EA, A0,
nol cvumenAnoewode to AIl orvegedv. xol émsl oviv
og % A meog v B, olrwg 1 B medg v I, ey Ok
% udv 4 1] AE, 7 0t B éxavéga vév A, A0, 4
0t T =} 40, o3 dga v AE medg M A, odrag 7 OA
weog Ty AO. xal mepl (Gug yovieg tag VWO THYV
@4, AE, 0A, AM «f nhevgal avrinendvdaciy: idgov
dou éoti 10 40, OP nugaliyidyoauuoy T OAME.
nel émel loo yoview énimedol slow of vmo tév Od,
AE, 04, AM, énl 0% t6v %0Qupdy adTdY HETéngoe
yoauual épsoréow of HA, EA, loas yovieg mege-
égovar T ptv Umd 1oy O©4, AH v vmd vav 04,
AE, mqyv. 0% two rdov HAd, AE v vmo tdv 54,
AM, xal dpuonusver glolv loa evdeiaw of HA, FA,
of doa amd v H, & énl ve dia tov @d, AE,
0A, AM émineda xadevor ayduevar ldar é6ovrar. T
0 énl ilewv Pdecwv Svre oreged magaiinlemimede,
ov ta vyYn l6a éotl, l6o fovlv éxciva. igov &g éoti
10 AK t¢ AIl. xal ot 6 plv AK ©0 dmd tév
A, B, I, 16 0% AIT 16 amd vijg B. ©o doo Vmd tév
A, B, I' neguegdusvov oregeov lgov fotl v amd vijg
B 6tegegy lGomAetom wév, lGoyavip OF tg mosiQi-
uéve* Omeg &0e Ostkar.

At
k4 ~ ~
’Eav @ow 0Gudnmoroty &ddsiar avadoyov, xwul

T6 an aUT@Y oo xel OWOLMS AELUEVE OTEQER magQ-
alinleninede dvaloyov &e6rar. xal v i dn’ avrov
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ouoie xel Ouolwg xelueve aregen wagalinieninede dva-
" Aoyov 9}, xal adrar dvdioyov Egovre.

doroday 6Gaidnmoroty evdsluw dvadoyov 3 AB,
I'd, EZ, H®, &g 5 AB mpog I'd, otrwg 7 EZ
weos HO, nal dvoyeypodepde ap’ Exdorng tov AB,
I'd, EZ, HO Guowr xal ouolog xslusve 6Teged mag-
oAdndeninsde v« AK, I'dy, EM, HN. iéyo, omt
dotly g 10 AK oregeov moog o I'd eregedy, ovrmg
10 EM oregetv mpos t0 HN eregeov. memoujodo
yoo &g n AB meos wqy I'd, obrwg 7 ve I'd mpog
v & xal n 5 meds vy 0. ag dpa 1§ medry medg
v terdgryy, tovréetwy 3 AB meog v O, olrwg
10 and tijg MMTYg, Tovriart 10 AK, mog TO dmo Tig
dawépag, tovréere o I'A dg 6% 9§ EZ modg v HO,
ovrwg 7 ve HO moog wiw IT xal n IT meds v P.
dorwv dge og 1 EZ mog Ty P, otrwg 1o EM mpdg
v HN. xal énel dotiv dog 1) AB medg iy I'd, ob-
twg 7 EZ medg vy HO, aAl’ &g plv 1 AB medg
mw I'd, otros 7 te I'd mgdg viw 5 xel 3 5 meodg
mv O, dg 0% § EZ moég tw HO, otrwg 3 v¢ HEO
nog v IT xal §) IT medg v P, 8. leov &pa dotly
g § AB mgog Ty O, ovrews ) EZ medg v P. ald’
g utv 5 AB mog Ty O, ovrwg vo AK oregeov
wpog 10 I'd ovspeov, dg 08 1§ EZ medg v P, ovrwg
0 EM ovepeov mods 10 HN oregedv. og doo o
AK eregeov mpog 160 I'A ovsgedy, otrwg 10 EM ove-
0e0v mpog 0 HN 6regedv.

d6ro 0y melw g 10 AK o6tepedv meds 10 I'A
oTeQeov, ovtwg 10 EM orepedv moog to HN orepedv.
Aéyw, on doriv og 4 AB mog vy I'd, olreg 7
EZ mgog viw HO. memomjoda yre og v AB medg

25%
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v I'4, otrwg 9 EZ moog ty ET, xoal avaysyoegpdeo
and tiig ZT v HN Gpowov xal duoleg xeipevoy ote- -
0&ov magakinisnwinedov 10 ET. émel éotv ag 7 AB
neog v I'd, ovrwg § EZ moog v ET, xal ag
doa 10 AK otegeov moog vo I'd oregedv, otrwg 76
EM otegsov mpdg 10 T otepeov. 10 EM doa mpog
énaregov vy HN, ZT vov avrdv #ge Adpov. (Gov
dpe éotl 760 HN te0 ZT, xal oudloyds éovv 7 HO
tff ZT. lon doo dotlv 7 HO vj; ZT. xal énel éoviv
&g 7 AB meds tqv I'd, otrws 5§ EZ mpog v =T,
lon 0t % ZT tfj HO, dg &ea % AB mds viw I'4,
ottag 7 EZ medg vy HO* Gmep e dcibau.
iy’ .

Eov xvfov tov dmevevriov immédov of misvoal
Oy TundodoL, die 0 todv Toudv émimeda xfindi,
N tdv émnédov xows touy Olye teusl T Tob xxdov
dudpergov, xel avry Olye Tuydicsrer Vmo Tig TOD
xvxdov diapérgov.

xUfov yre tov AB tHv amsveavriov dmmédov THv
'd, AE, BZ, HO® «f misvgal dlya reTunodmcav
of T4, 44, AE, ET, BZ, ZH, HO, @B xord v&
K, 4, M, N, 5, O, II, P, diax 0% tév roudv ém(-
wedo éxPePiiodo o KM, IT5, NA, OP, xal é6to
oy émnédwv xowy zoun 7 ET, diduergog Ot Tob
xVpov éotw 7 BA. Adyw, Sve 9 BT dlya téuver iy
ro0 xvPov didusroov, xal avry Ofye Tndjcerar Vmo
rv!) 700 %Vfov dwapsronv?).

émelevyPaoay yap of IT'E, XA, BT, TH. énsl

1) corr. in tfjs — Siaufroov m. 1.

N
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ton éetiv v T'E 1§ 44, noi éove vijs utv I'E juiceie
n I'N, tijg 0t 44 yuloce v A4, ion doe éotiv 4
I'N 5} AA4" &oti 0% xal 7 EN ©jj XA loy. Yo Oy
af I'N, NI dvel raig A4, AX l6or el6l" xal povie
% vmé PNX povig vij ono ZAA4 lon' Pacg doo 7
I'E Bacer v A loy, xel 1o I'NX rolyovov tg
AAZ touydve loov Eorer, xel of lowwel yovier teig
Aowmais yoviawg loar EGovian, V@' dg af lsar mAsvgal
Umorsfvovewy. oy &pu oty § vwd tov I'S, EN
yovie 15 vmo tdy AX, T A. nown meooxciodw 1
vmd téov N2, A" af dgo vmo tévy 'S, EN, NX,
XA taig two oy AX, XA, AX, EN ioa &lolv.
ald’ ai Vw6 tov 45, T4, 4X, XN dvelv dpdaig
ioar &lol* meog 0 Tt evdely ] NX xol 16 meog
avrf] onpelw v X Ovo svdeiar af X, XA un énl
Te avre uéon xeluevar tag Epekfg yoviag dvoly dodais
l6ag mowov6e tog vnd rov PEN, NI A. i svdelag
doa éoviv  I'E vf) TA. Oie to adre 0% xal §y BT
) TH éx’ e0deleg dovi. xol émel lon dotlv éxaréon
tov I'B, AH ©jj E@, alda xol mepailndor, af O0F
mage Y eveiy Odeiav uy v 16 adrd dmméde
ovGar magitiindor elolv, af I'B, AH oo loar e xei
negadindol elor. xal émefevyudvar elolv of I'd, BH,
xel éore vig pdv I'd yuloae 5 Z A, tijs 08 BH nu-
oce ) BT. of 24, BT dpa i6ow 15 nal magddiniol
elor xel émefevyuévar elolv «f ET, AB. loy dea
dotlv ) ptv T v} TT, 5 6t AT vy TB' Gnep &0z
deitou.
19", .

'Eav 7 0o molopare (covyij, xal vo ptv iye fdow

Tolyavoy, 10 0 magalinidyoapuov, duwddeov Ot 1)

Vs

39
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r0 megaddnidyoupuov Tov TQUYdvOv, loa foTan Ta
nmolouare, ,

"Egtw 0vo molouara loovyij 1 AB[AEZ,HOKAMN,
xed ©0 ptv €xére telywvov Pacy 10 K AN, vo 0% xap-
alinioyoapuov tv6o BIAE, xal &6tw 6o BI'AE zov
NKA rguyovov dumddoiov. Aéyw, ot loa éovi T
noloyare. mewAnowode pog T waghAdnie Emimede
t& A4, HA. ‘énel odv vo BA megeiinidyoumov
vov NK A tguydvov éatl dumhdoiov, Eoru 0% vov NK A
touywvov Ouwdaciov ©o N A magadinidyeapuov, isov
boe éorl 10 B4 16 NA. énd idwv ovv Pdoewv tov
Bd, NA lgovyy Zov. etegea magaddnlemimedo T
Ad, HA. [oa otiv alifiotg. alda vov udv A4
w6y éote 16 ABI'AEZ moloue, 1ot 08 HA fjuov
6 HOK AM moloua. xoi v0 ABI'AEZ dga molouw
19 HOK AMN moiopars igov éotiv: Smep #der dcifou.

Evxisidov ororyelov oregedv ia.

X1 Ebxdeidov croiyelov Lp.

1

Ta év zoig uvxdoig Buote moAvywve meog &AAnid
domiv @g T dmo Tev dwrufreev TeTgaywvL.

orwoay wvxdor of ABI'A, HOK A, xel &v roig
ABI'4, HOKA opore morvywva E6tw va ABI'AE,
HOK AM, duducrgor 0% vov xvxdov é6twéev ai BZ,
ON. iéyw, ov dorlv og t0 amd vijg BZ rergaywvov
7wog 0 amd 17 ON rerpdywvoy, odrwg 10 ABIAE
HoAVywvov meog 10 HOK AM moAvywvov. énelevydo-
oav yag of BE, AZ, ®M, HN. xal énel dovv ag
7 BA mgog AE, ottwg 7 @H moos gy HM, xal
nsol long ywving tag Omd tév BAE, O HM of mhsvoal
avadoydv elow, SBuorov doe fotri 10 ABE rolyavov
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6 HOM topwve: ion &oe Eorly % vmd tév AEB
yovie tf] vwo tév HOM. @il 3 ptv vmo AEB tj
om0 AZB éotwv foy, § 08 vwo HMO 1} vwd HNG@
dorwv lon. &6t OF ogﬂn Vo tév BAZ S987 v wto
@HN loy. Aoumy dga % vmd AZB loun] L 771 oo
HON forwv ioy. tdoywmov doa éoti ©0 ABZ tgtyco-
vov () HON tgbymvw amxloyov doa fotiv ag n
BZ mgdg v BA, otrwg 1) ON meds @H. évallak
&oo éotlv &g 1) BZ mgogs vy ON, ovrwg 1) BA meds
iy OH. xal énmel vd and v BZ verpdywvov meodg
16 and thjg ON revpdyovov Oumdeciova Adyov &js
nweg 7 ZB meds v O N, &yau 0% xal vo ABIAE
wodvywvov mpog 10 HOKAM moivymvov dimdaciove
Adyov fimep ) AB moog v HO, xai éotvv og 1) BZ
medg ™y @ON, ovtwg % AB meds v HO, xal dg
doa 0 and vijs BZ rerpdywvov meds T6 and tijs ON
T610dyvov, ovtwg 10 ABI'AE moAvyevov medg o
HOK AM moidywvov' Smeg e Oeibar.

Ol wxhor mog dAdsjdovg &loly g T& dmd THY
Oiauérony verodywve.

dovweav xvxdo of ABICA, EZH®, didusrgor 0
avtov of B4, ZO. Aéyw, Ou dotiv dg ©o amd Tijg
B 4 rerpdyavov meog vo dnd ZO rergdymvov, ovreg
0 ABI'A xbxios moog vov EZH® xvxhov. & pag
w1 dotww g ©o amd tijg BA rergdywvov moog vd amd
tiis ZO rergayovov, ottwg 6 ABIA xbxhog moos
ov EZHO xvxdov, fjror mwedg FAacedv v vov EZHO
xUxiov ywelov 1) medg vd ueifov. &oTm medregov mEog
Eladeov ©0 D, xal veo EZHO xixie loa foro za
DX, xol Eyyeyoapde sl vov EZHO xixiov terga-
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yovov 16 EZH®. 1o EZH® dga rergaywvov uelév
éotwv 1) 10 fjuov 100 EZHO xvxiov. terwjedocar
of EZ, ZH, HO, OF mcoipépcion diga nare ta K,
A4, M, N enueie, xal énefevydwcav of EK, KZ,
ZA, AH, HM, M®, ®N, NE. Exacrov Gga tev
EK, KZ, Z4, AH, HM, M®, ®N, NE rgiyovor
peifdv ot % 1o fjuiov Tov xad’ Eevrd Tuuatog TOU
xvxhov. Exaerov dgu 1oy EKZ, ZAH, HM®, 6NE
16V Teuydvey usitéy 6Ty 1ror fjutov Tob xed avTo
TUNUATOS TOU xUXAOV. TOLaUTYg 0% ywousvns thg Orec-
pfocwg Angpdicstar TolwUTe Tujuate amo Tov GAov
xUxdov, & Eorew éldeeove tov X ywelov. Ashigpfe
xal éotw tw EXK, KZ, ZA, AH, HM, M®, &N,
NE. 0vo ovv peyedov avicov éuxeudvov tov e
EZO xvxdov xel tov X ywelov dgijgyrer amé tod
uecbovog usifov 7 1o fjuiov pépog xel tov xatadeiwo-
pévov usifov 1 ©o fuev pépog, xal Tovro dsl peyé-
vra, %el xevedédamwrar ywelov, 6 laecov Eotor Tob
X. Aouwov dga v6 EKZAHM®ON moivywvov usitov
éore o0 D ywelov. Eyyeypagpdm 01 &l vov ABILA
wvxdov 16 EKZAHMON moivywve Gpotov moiv-
yovoy 10 AEBOIIIAP. énel é6tiv mg 10 amd Tijg
B4 tsrgayovor to dmd tig 2O, ottwg 6 ABIA
xUxdog m@os t6 D ywelov, dAke wyy xal dg o dxd
rij¢ Bd revgdywvov medg to dmd vig 2O, ovrmg o
AEBOTI'Il1 AP moivywvov meés 10 EXZAHMGN,
g doe 6 ABI'd wvxhog medg 16 D ywelov, olrwg
10 A5 BOTI'II 4 P moAbywvov meos t0 EKZAHMGN
moAvyavov. éveddet &oa fetiv, g 6 ABI'A mgog
10 &v at¥td moAvyevov, olrag 10 X ywelov medg 1o
EKZ AHMG®N moAvyavov. ueifov 0t 6 A BT xvxiog
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T00 v alre modvywvov® usifov doa xel 10 D ywelov
100 EKZAHMON nolvywvov. aide uny xal Elae-
6ov ©6 @ Bmeg advvavov. ovx dga fotlv og ToO dmod
tijs B4 tergdywvov mos to and tijg ZO teTdyovov,
ottwg 6 ABI'A xixhog moog élaceoy Tt tov EZH®
xUxAov goelov.

Aéyw 01, Ot 0UOY meog peibov. el pap dvvardy,
éoto meog TO D. avdmaiw Goo oty dg TO dWO Tig
ZO tsrodymvov mweog TO 4mO Tijg AB terodywvov,
otrwg 10 P ywelov meds tov ABI'A xvxdov. dg 0}
70 D ywelov medg 1ov A BI'd xvxlov, otreg 6 EZHO
xUxdog meodg éAacady tL 100 ABI'A xvxiov ymgiov.,
og doa TO amd vijs ZO verpdywvov medg TO Amo TG
4B vevpayovov, ottwg 6 EZHO xvxlos meds Elad-
oov t 100 ABI'Ad wvxlov ymelov: 8msp advvarov
0édeixrar. ovx dga doriv &g T dmd g BA verga-
yovovy medg T0 dmo tig ZO terpdywmvov, olrwmg 6
ABI'd xvxdog meds weitdv v 100 EZHO wixdov
qwolov. £0ely®n 8¢, Ote 000t moog fAaceov. EoTw
doa odg T0 dmd Tijg BA rergodymvov medg T dmd Tijg
20 revgayovov, ovtwg 6 ABI'A xvxdog mog tov
EZH® xvxdov.

Ilaeo mvgapuly toiyovov Eyovea Pdoww diaigeitar 3
elg te Ovo mvgauldag lowg dAijiaig xel Ouolwg T
oAy xal &lg 0vo molopara lew, xal re 0vo molouara
17 OAng mvgapldog uelfovd éoTiv 3 0 fuiov.

dotw mugauls, ng fdoig pdv é6tw vo ABI volye-
vov, xoguepy 0 t0 A enuslov. Aéyw, 8t § ABI'A4
nvoauls Oaupeirar &l Te 0vo mvgauidag loag dAii-
Aoug wal Opolag ) 8Ay xol elg Ovo moluara oo
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reruodwoay of mieveal vijs mveauidog Olye xere
t« E, Z, H, @, K, 4 ousie, xel nstebydocay of
EZ, ZH, EH, HA, 20, 0K, KA, 46. xa éxel
lon dovlv §) ptv AZ vjj Zd4, 3 0t BO 15 O4, nee-
dAdndog dga Zativ § AB 1 2O, maehw énel loy
dotlv 7 utv AE tf) EB, %) 0% AZ 1jj Zd, mogid-
Anhog dpa éotiv 9 BdA v EZ. magadinidygappov
doa doti ©v0 EBZ®. ley doa fotlv %) ptv EB i
20, 4 0t EZ i BO. dii’ 7 ptv BE vjj EA éorv
ion, 1 08 BO tjj @4 =xei § ptv AE dga 1] 2O
dovwv lon, 7 0t EZ vfj @d. &ov. 0% xal ) AZ 1§
ZA4 ioy. [oov dpu xal opoidv ott ©o AEZ velyn-
“vov v ZOA touydve. Sk ve adrd O xel 10 AZO
rolyovov ¢ Z K touyove loov te xal Suowdy éoriv.
v0 0} AEH rolyovoy v¢ ZOK touyave loov e xal
Suowov dotw. xal émel Ovo svPelar amrdpsver GAda-
iwv ol EZ, ZH maga 0vo e0delag anvoudvag allij-
Aov vag @4, AK xsiview py év 16 adrd imnéde
oveaL, lGag yovieg megiéfoveaw. ioy doe éoriv 9 VO
EZH yovic tvfj vmd OAK povig. émel ody dvo af
EZ, ZH dvol tais @4, 4K iou elolv éxaréga Exa-
téoe, xal yovie 7 vwd EZH povie tij om0 @AK
loy éovtv, faowg Gea 1) EH fdee tf] OK éomv oy,
loov &g xel Suowdv éote 0 EZH tolyovor 16 OAK
Toupeve. xel mveauls doa, g uév ot vo AEH tol-
yevov, xopuer 0t t0 Z onuciov, ion t& xel duole fotl
v1] mvgaulde v Padw utv époven t6 ABI relywvov,
xogupny 0% 70 4 onuslov. xal 7 mvgepls dea, g
poewg uév éove 10 AEH rolyovov, xogupy 0% vo Z
onueiov, opole fatl tij mvoauide vf Pdow utv épovay
70 ABI tolyovov, xogupny 0} ©o A enueiov. duyj-
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eyra idpa 7 ABI'4 mvoauig &ly 0vo mvgauldog iGag
aAdjaig xed oyowzg T oy

' Adya 617 , 0t nal &lg 0vVo mplopare ioa. Emel yao
ion éotlv n BA <fj AT, dumwidoiéy éore vo EHAB
magadindoygappor tot HAT roupwvov. xal émel 0é-
daxron, Ote, dov dvo molopara UmO TO avrd vYog,
xal o ulv &peu Pdow magadinAdpeapuov, to 0F Toi-
povov, § 0t dimhdeiov To magallinidygeupov Tod TQL-
y&vov, loa é6Tar Ta mplouata, TO doo MQIGU TO TEQL-
sydusvoy vmo dvo piv teuywvev tév @BA, EZH,
oLy 0t magaiinloygapuwy ot EBZO xal tov
EBAH xel &t vov ZO@AH leov dorl v molouer:
16 meguegopdve vmo 0vo piv toupavev tév HIA,
ZOK, toiv 0t magaiinloygdupwv tév KZHT,
AT®K, ZHA®. dujonqrer dga 3 ABI'A mvgauls
elg e 0vo mvgapldag loag ahdjlag xal Opoles ©ij
0y xal &lg 0vo molouera i6e, xal Quvseov, Oti Ta
dvo molopare ica fotlv 3 1o fuev Tijg GAng mvga-
uidog :—

Eav agfn 0v0 mvpauideg UmO TO avTO Uyog ovear 4
xal Touydvovs &yovoer PBaceig, Owagedy 0% Exarépa
avtdv &lg e 0V mugauidag icag dAifiag xel duoleg
i} 6y xal &lg dvo atpt’tmocw loa, éovar og 3 Thg pids
nvgam&og Bdeg weds Ty Tij3 Erdgag wvgam’&og ﬁadw,
olrag to v T mid mvgeulds melouate mdvre meog
o v vf) érépa mugauld ngw‘yam wdvTa tdonh)ﬂﬁ

dorwoay 0V0 mugauldes Vmd TO avTd Uyog ovowL
xol Touywvoug Eyovoer foeag tag ABI', MNJE, xo-
ovpag 0% ta 4, O oyusie, xal Onelede Exaripn
evTéY &lg te 0vo mvgauidag leag ailjhaig nel opolag

7~
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i) 6An xal elg 0vo molouata isa. Adyw, Otv éotiv &g
n ABI Bdaig meds vy MN [ Baeiv, ovrws te v =i
ABI'A4 mvgauld. mployare mdvra medg vo év v AEZO
wvoauldt moldpara mavre (Goxdndi).

énel yio mapdlinids devwv n AB v AH, §uotdv
dore 10 ABTI zolywvov v AHI touyeve. to ABIT
aga toiyavoy meog vo AHI rglyavov dindueiove Ad-
yov &yeu timeg ) NE moos tow ED. xel doriv ag 3
BT mgog v I'd, otrwg % NJE mgog v 5. xal
ag doa 10 ABI" rolyovov medg 160 AHT relywvov,
ottwg ©0 MNJE rolyovov mgog t6 Z®B.E tolywvov.
évalddet doo dotiv &g 10 ABI velyovov moog 16
MNE, otrwg v0 HAT tolywvov moog 10 EDE roi-
yovov, obrwg to meloue, ov drsvavriov éorl va AHT,
ZOK éminede, meds 16 moioua, oV amevavviov f6ri
e XPF, PTN éninede. og dga 7 ABI' Pdoig
neos v MNJE Bdew, otrog to meldua, ob dmevay-
tlov doti te AHI, ZOK émimeda, mpog 16 moloua,
oV amsvevriov éotl ta X ®E, PPT éninede. dAic
ta utv év-tfj ABI'A mvgauid. molopare Ouwldeud
dote ol molouarog, ov amevevtiov forl.ta AHT,
ZOK inimeda. 1o & &v vff MNEO mvgauid. molo-
pota Sumddaid éati Tov moleuarog, ov dmevavriov it
e ZPE, PTY énimeda. g tga 7 ABI fdeig mpds
v MNFE Baew, olrog v év tfj ABI'A mvoauid:
molopete medg 1 év v} MNEO mvpauidt molouare.
dia v avre 0% xel og 9 AEH Pdeg meog iy MIIY
paeww, otrmg ta &v tj AEHZ mvgauld. molopare
medg o év tff MITZP mvgaulds molopara. og 0 4
ZOK fdeig mpog iy TPT fdowv, obrwg ta év tj
ZOK A mvooulds molopare meds ta év xij PTTO
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mvgaulde moleuare. éotar doa og v THY 7 yovuivev
meog & -tav Emoufvev, dmevre Te npovusve mEdS
amwavra o émdusve. ot &ga wg 7 ABI fdag
mpog Ty MNJ Bdew, otrwg ta év t) ABI'A nvga-
ulde moleuata mpog te év tff MNEO mvoauld. moie-
pore mavre (GowAndi.

Al Um0 10 avTd Upog ovow mvgauldss xel TEL- 5
pevovg Egovear Boosig meog dAdfiag sloly wg af Pucers.

forwoay Vmd TO avTd Uyog mveauldss TELyw@YOUS
éyoveor Padeg tag ABI, MNE of ABI'd, MNFO,
xogupag 0t & A4, O equsic. Ay, 8t derly dg 7
ABT fdeig meog gy MNE Bdev, ottwg 7 ABI'A
mwvgapls weog 1y MNEO mugaulda.

e yag uiy domv og 7 ABI Pdeig meog iy MNE
pacv, otrwg § ABI'A mveapls meog iy MNEO
mvoeulde, Eotar dou og 7 ABI Bacis mgog Ty MNE
Baew, otrwg § ABLA mugapls ijror medg EAarrdv T
tijs MNEO mvpauldog ovegedv 1 mpog usifov. éotw
neog Elartov 16 L, %ol i MNEO nvgauld. loa Eore
e , X ywole, xal dinorjode 1 MNEO mvgauls &is
e 0vo mvgauldus loag aAljers xal Opoleg Tf BAy
xal &lg 0vVo molopara. pelfove doa dotl ta molouara
Tiig OAng mvgauldog 1§ td fwev. téuvovrsg 1) Tag
vnodeimopdvag mvgauidag &g te 0vo mvgauidag lGug
dAdjAerg nodl Opolag Ty OAy xel &ly dvo melopara
loa Mjpouév vwvag mvgauldes amd tig OGAng mvpe-
widog, of Egovrar élaodoves Tov X oregeod. Asiijpdo-
oov xal éotwoav of MIIZP, TTO. imel odv 7 mu-
oapls oy Zotl voig 6regeois &lg To xevadsAnuuéva
amotuquate éldecove &ler Tov X. Aome dow to év

-

Va
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t; MNEO mvoauid. molepara ucifovd 26t tov £
otepeov.  Ouonedw 7 ABI'A mvgauls dpolwg 7
MNEO mvoaulde. xal énxel éorv @g ) ABI Bdeis
ngog Ty MNJE facww, ovrog ta v tf mveaulds i
ABT'4 molopara mavve meog te év i MNEO nvpw-
uide molouare mavee (domidndij, ws doax y ABILA
mvgapls mwog to L oregedv, ovtwg T v v ABILA
nvpauld. molopuate wevre weog ta év vij MNEO mvpa-
uide molouate mdvte (GomAndy. évailat doa fotiv
o 7 ABI'A mvoauls meés ta v avr)] melouarc
movre, ovrwg To R 6regeov medg e v 1) MNEO
mvgauldl melouare moavre (GowAndv). usitov 0} %
ABTA mvgapls tov év avt) meLOudTOY TAVIQU.
ueitov &oo xal vd Q oregsov tév v v MNEO mu-
oauld mwoioudrov mdviov. dlde xel élervov' Gmeg
ddvvatov. ovx Gou fotlv @g § ABI' Pacig medg v
MNP Baow, ovtwg vy ABI'4 wvgauls meds EAazrdv
T tijg MNEO nmvgauidog 6rsgedv.

Afyw 01, Bre 0Vt meog usifov. & pag dvvardw,
dotw mwedg 1O R. avdmalw doa derlv dg § MNJE
peais meog v ABI fdew, olrmg 10 2 6regedv medS
gy ABI'd mvoaulda. og 0% 10 & 6ve0s0v meog THHY
ABIA mvgauide, otrwg n MNEO nvoauls moog Aar-
tov 1t tijg ABI'd mvgapldog oregsov. g Hoa 7
MNZE Bdowg mgog vqy ABI" fdew, obrmg 7 MNEO
nvgapls weos élatrdv v g ABI'A mvgauldog ere-
0&0v* Gweg advvarov 0édextar. odx Goo fotlv dg 7
ABT fdews mpog tqv MNE Bdow, ottwg v ABLA
nvgapls meog weitov v vijg MNEO mvoauidog ore-
oeov. E0elydn OF, Ot 000t mpog éAarrov. EoTiv doa

£

@g 7 ABI pacig meds myy MNJE Biev, otrag 7
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ABI'd mvgaulg arpog v MNEO mvgaulde Gmeg
el detkou.

Hév ngioue tolyevov Exov ey Siagsitar elg TQels
nvoauidag iGag dldfiag Toiydvovg faceg éyoveeg.

foro mplopa 10 ABIAEZ rolyovov &ov fdow
gy I'Z 4. Aéyw, 8t 16 ABIAEZ moloun dioigeizar
&g Tpels mvgapldag iGag dAMjAorg Touy@vovs Poosig
égovoag. émefevyPwoav yap of BA, BZ, ZE. 1
doo mvgauls, ng Pdeig uév éovu 6 I'BA telyavov,
xopupn 0t v0 Z onusiov, lon éotl tf] mveauide T
pdew utv éyoven 1do BAE velywvov, xogugny 0% o
Z onusiov, ien dorl T mvgaplds i) P utv éovey
©0 AEZ tolyavov, xogupny 0% 10 Z onuelov. xal
nvgauls dow, ng fdag pév dor ©o BI'A rtolywvov,
xogupy 0% 70 Z onusiov, ien fotl vij mvoaulde tij facw
utv époven 1o AEZ rolymvov, xogugyy 6% 76 B an-
usiov. dujonrar dge 10 ABITAEZ moloue &l toels
nvgauldag ieag aAljlag, ov faceg uév eloww ABIA,
EAEZ, xogvpy) 0t v B, Z onusic.

Tov loov mvgauldov xel toyevovg Puces éxov-
66y dvrimendvdacy of Pdoeg toly Tpedl. xol v
nvoauidov ToLpBvovg fdesls égovedy dvrimenovdadiy
ol Paeeg vols Uyeciy, loar slolv dxetver.

dorwoay oo mvgauldes xol TOLY@VOUVS é’xovdat
poaceig 1eg ABI, EZH of ABI'4, EZH®, xogvpag
0t ta 4, @ onyueia. Aéyw, One uﬁv ABI'4, EZH®
nvoapuidov touyovoy fuoy ovedy dvrixendvdaciy
of Bdeeig ol Dypeos. cvumendnowode pag v« BAMA,
ZOPO orepee. nal énel loy dovly  ABI'A mvpapls
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v EZHO® mvgauid, xai doty vijg ulv ABI'A mvga-
uldog EEamddgiov ©0 BAMA .ovspeov, vig 0t EZHO
étamidaiov 1o ZOPO 61s080v, lGov doa éoti 10 BAM A
oregeoy g LOPO oreged. tdv 0t lowv oregedv
wegaddnisminédoy dvnmendvdacy of Padag Tolg
vysow: &6ty dga og u BM fdeig meos iy ZP
Biow, obrwg 16 100 OPOZ 6vspeot vpog. g 0F 3
BM pdaeig mpog v ZP fdew, ovtag 7 ABI" Paces
wpog vy EZH fdow. og dga 7 ABI facig mweig
wyv EZH Bdow, otrwg ©0 o0 OPOZ ersgeov vog
7eog 70 100 AMAB arsgeot Uyog. Te O avra VY
ol tdv 1e BAMA, ZOPO cregetv xal 1oy ABI'A,
EZH® nvgauidov. &otw éga og § ABI meog tnv
EZH Bdow, otrog o amd vijg EZHO mvgauidos
tyos tov ABI'4d, EZH® mpds 10 tijg ABI'A mvga-
uldog vyog. tév ABI'd, EZHO dpa mvgapidwv
avumenovdaciy al Paceg roig vyecw. L
avtimenovdérweay 0 naiv tov ABI'4, EZH®
wvgauldov of Paceg voig Tpeol, xal é6re @3 § ABT
Boeig medg Ty EZH faow, obrwg 1o v EZHO
mvoauldos Tyog mods to tijs ABI'A mvgauidog vyog.
Aéyw, on dorly leny % ABI'A mvgouls vii EZHO
mgauld: TEY pie «UTOY xaracxsvaddéviev Enel
éotww og 7 ABI faeig moos tyv EZH fdew, otrmg
16 tijs EZHO® tyog meds 10 tijg ABI'd mvgauidos
vypog, g 0% % ABI fdoig meog v EZH paciv,
ovtwg § BM Bdeig mpos v ZP Pdewv, oirwg 70
tijis EZHO mvgauldog tipog meodg ©o tijs ABI'A mv-
pauldog Tyog. & & avre Vyn éeri tov te ABIA,
EZHO nvgauidov xal tov BAMA, ZO PO 6regediv.
forwv doa wg ) BM Bdeis medg iy ZP Badiv, ovrwg
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70 700 ZOPO oregeoi Uyog. v O} oregecy megod-
Mjreminédov avumemdvdacwy of Pdeeg toly UyeoLy,
low éotly éxsive. loov dga €61l 10 BAMA aregedv
16 ZOPO ovepedd. xal éote tov udv BAMA oregeov
&xvov pépog § EZHO, ABI'A mvpauls, rov 0t ZOPO
otegeot Extov ufgog 4 EZHO mvgauis. lon oo
éotlv ) ABI'4d mvpepls t) EZHO mvpauld. Omeg
&0ee Ostka. -

Al Spows mugauldeg xal ToLy@vovs Egovear facsig
weog didrjdag év roumAacion Adyp &lol Tdv dpoddywv
wAevodv.

doTmoay Opotar mvpouideg xali Totymvovs Eyovdar
Bdoeg vag ABT, EZH ol ABI'4, EZH®, xogvpas
0t 1@ 4, @ onusia, xal fotw log 7 plv VWO THY
AB, BI' yovle tjj vmo vdv EZ, ZH yovig, 5 0t
vwd wév AB, Bd tf vmo tov EZ, ZO. xal émel
7 v tdv AB, BT vjj vwd tov OZ, ZH, oudloyos
0% éovw 7 B v} ZH. iéyw, 6ve § ABI'A mveauls
weos v EZH® mvgapide rouwiaclove Adyov &ye
fimeg 7 BI" mpog tyv ZH.

ovunerinoaedmcay yag ve BAMA, ZO PO 6teped.
énel dovwv og 4) BT modg tyv B A, olreg ) ZH mods
v ZE, xal megl loag yoviag tég vwd vdv AB, BT,
EZ, ZH of mievgal avdioyov slaw, Suotov agu é6ti
10 BM magadinidpgappov v6 Z P mepaiinioyedupem.
O Ta avre O xel ©d udv A4 vp EO Suodv ot
10 08 NB v ZII. @&ike vo pudv BN, A4, BM za
role toig amevavtiov avrdv voig Ad, MN, 44 ioa
éovl, ve 02 ZP, EO, IIZ t& vole volg amevavviov

avtdy volg ®0, EO, PII iea deviv. Olov é&pa To
Euclides, edd. Heiberg et Menge. IV. 26
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BAMA 6regeov i t69 ZOPO 6reped Suowcy éote.
ra 0 Buoe ovepea mapuiinicwimedn moog GAAnie v
roumdaclove Aoy ot tév buoAdymv misvedv. To
BAMA &g aregedv medg 10 ZOPO 612080y TOUTAR-
olova Abyov Exev Yimep 1 BIT mpog v ZH. xal dore
tov v BAMA ovegeod Exvov uépog ) ABI mvgauls
to ZOPO 6regeot Exvov udpog ) EZHO mvgauis”
uel 7 ABLA dpa mvgauls medg vy EZH® mvga-
uide rgumiaclove Adyov Eyxe imeg % BI modg tyv ZH.

IIdg navog xviifvdgov toitov udgog €6ti tov v
vty Pagww Eyovrog xal vyog lgov.

éréro yao xdvog xviivdom Pdow Ty avtiy Tov
ABI'd xbxdov xal yog l6ov. Adywm, Ote roumidedg
dotiv O xVAwdgog Tob xevov.

&l yop ui éoTiv 6 xVAwdgog T XWYOV TYINAKGLOG,
dovew oo Fror uelfov 1 ToumAddiog 1) éAdecoy 7 ToL-
mwAdGog. E0tm meoreeov 6 xvAwdgog TOU x@wVOU MEL-
fov % toumAdoios 1@ PX oregeds. xal éypsyodpdo
elg 1ov ABI'A xvxdov wevodyovov v ABIA, xal
avearate ano vov ABI'A tergaydvov meloua lGovils
T6 ®vAldow. TO doe avsstaudvoy moioue pelfov oty
7 To fjuev tov xvAivdgov. teruiodwoay af AB, BT,
I'd, 44 nsqupéosiar diye xota va E, Z, H, ® oy-
peie, xol éxelevydweav of EA, EB, BZ, ZI', I'H,
HA4, 40, 6 4, xol dvesrdro ap’ éxdorov rov 4EB,
BZI, 'HA4, 406 4 rouydvev mglopata (Govls 16
xAivdon. Exadvov avadtapfvov WYLOuGETOY WElioy
éotly 1) ©O fmov Tov xad avtd Tufuarog xal xvilv-
dgov. TotavTng 01 pwouévng del émiondpeag Anpdi-
ostal Twve Tpgare dmd Tov SAdov xvAlvdgov, & doTa
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édtrove tov P oregeov. Asdjpdo xal foreo va éml
160y AEB,BZI,THA, A@ 4. Aowwdv &ga 1o mpioua,
oV fdoig pév ot 16 AEBZITHA® moAdywvov, Tog
0t 70 alrd e xvilvdow, welfdv detiv 1 TeumAdoiov
100 #wvov to¥ Pacw udv Eyovvog tov ABI'A xdxiov,
Tpog 0% 70 avTo e xwAivdop. dAle 10 meloue, o
Pocig uév éove 0 AEBZI'HA® moivywvov, Diog
0} 10 avrd vg xwAlvdew, teimAdeidy foti Tijg mvee-
uldog viig Pacw udv égovens 0 AEBZI'H A6 modv-
yovov, Dpog 0% 16 avrd T@ xvAlvdge. xal N mveauls
dga, ng Pdois uév éore 1o AEBZTH 4@ moldyevor,
vYog 0% T0 avrd 6 xviivdow, uetfov éori Tod xwvov
Tov fdow udv Epovrvog tov ABIA wixdov, tyog OF
70 aUTo Th xVAlvdem. aAla el dumegiéyeton dv avrg*
omeQ ddvvarov. ovx dga O xvAwdgog Tod xwvov pelfov
dotlv 1) touwAdeiog.

Adyw 07, Gr oUOY éideowy 1) ToumAdoiog.

& yap dvvardy, orw. dvdmalw dga 6 x@vog Tov
xvlivdoov usltwv detiv 7 velrov pdgog T P oregeq,
xal Eyyeyoepde &g tov A BI'A xixlov tevgayovov
0 ABI'4, xal dveordte dno vod ABId tevoaydvov
mugapls loovyns 16 xdve. n dea aveerapévy mvpapls
usitov Zotly 4 0 7wiev ToU xwwvov. TeTpNodweay
of AB, BI'y I'4, 44 negipépeiar iye xare v0 EZHO
onusie, xel énstevydwcay ol AE, EB, BZ, ZI', 'H,
HdAd, 40, O A4, xal avsorarw ap’ éxdcovov rédv AEB,
BZI, THA4, 404 roipdveor nvgeuls (Govirs T
xBve. Exdery doa TtdY dvearapiveov mvgauldov wel-
fov otlv 4 1o fjuov TdY xed adto Tuiuarog Tov
xGvov. TowavTng 01 puvoudvng asl émexépswg Angdi-
oeral Twe Tujuete awd tod OAov xwvov, & EoTer

R
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EAarrov avvol Ovegeob. Ashijpdw xai dveoraro Emi
16v AEB, BZI, THA, 40 4. Aoixy dga v mvgeuls,
ng Bocrg uév éer 10 A EBZTHA® moidymvov, Bpog
0% 70 avwd Td xdve, psifov doviv 4 Toivov uégog Tov
1vAlvdgov vov fdawy pdv Egovrog tov ABI'A xbxiov,
Tpog O} TO adrd TP wive. ¢AA % mwvgauls, 1g Pioig
uév devwv 7 AEBZTHA® molvywvov, Tyog 0% 1o
avTd Te xeve, Tob faaw utv Egovtog 10 AEBZI'HA®
moAvyovov, tpog 0% TO avtd TG xove. xel To molopw
doa, o0 Bdeig péy éov. t0 AEBZIT'HAG molvywvo,
Tpog O To avrd T xwve, uelfdv ot Tov xvAlvdgov
to0 fBdaw updv Epovrog tov ABI'A wixdov, Tog 0
70 DT T xBve, peiféy ot Tov xvAlvdgov rob Py
ptv Egovrog tov 4 BI'A uvxdov, Tog 0} T avrd ve
xove. aiie xol fumweoueyetar v adrg- Omep advvarov.
ovx &oa 0 xVAwdgog Tob xwvov €Adrrav oty 4 Toi-
wAaciog. 0sly®n 04, GrL 000} uelfwv 17 ToumAdGLog.
rgumAdeiog &g Zotlv.

O Buowor xdvor xal xvAwdgor meog aidjiovg év
toumiaclove Adyp elol tav év rais fadsar diapéromv.

éotwooy Suotor xdvor xal xUAwdgos, dv fdesg utv
éorwoay of ABIL'4, EZH® xvxdo, afoveg 0% of KA,
MN, Owtuergor 0t Eorwaav of BI', ZO. Aéyw, ot
6 ABI'4K A xevog mweog 1ov EZHOMN ndvov tou-
whadlove Adyov e fmee 7 BA moog 26,

&l yo uy 6 ABL AKA xdvog medg vov EZHOMN
roumAadlove Adyov Eys fimeg ) BA moog vy 2@, e
aoe 6 ABILAK A xdvog %ror meog EAmGdv L TOU
EZHOMN xdvov drepedv toumiaclove Adyov imeo
N Bd m@dg v Z® 7 medg v usitov. éyfrw med-
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regov meog EAeddov vl A, xal ypeyodpda g Tov
EZH® xvxlov vergdyovov 16 EZH®, xal aveoritm
a6 tov EZ HO vevgaydvov mvgapls loovirs 165 xave.
N &ge dveotaudvy mwvapls wsitdy oty 1 vO TGy
100 xwvov. terunedwcey ol EZ, ZH, HO®, OF nsgt-
péosiar Olya xore té 5, O, II, P onyucia, xal émelety-
dwoev of EE, EZ, ZO, OH, HIl, II®, ®P, PE,
xel avesrdro ag éxderov vov EF, EZ, Z0, OH,
HII, 11®, ®P, PE rouydver mveapls ldovyms td
%@V, Exaoty doo TGV avserapivov mvgpauldov pel-
fov éotlv 1 10 Fuiov 10D x0® alTiy Twparos TOU
x@vov. ToLavTNg 00 ywousvnyg ael émenéyswg Angdi-
estel Twve Tufpare dmd vol Olov xwwvov, & Eerer
éhacaove tov A oregeov. Ashjpdw xal Eotw ve éml
tov EEZ, ZOH, HII®, O®PE. joumy &ea 1 mvgauls,
ng Pdeig uév éor. 1o EEZZ OHHIIOPE molvywvov,
xopupy 0 ©0 N onuclov, peildy Zove vov A ersgsod.
éyyeygapda &ié vov ABI'A xvxiov v EEZOHIIOPE
moAvydve opoloy T moAvpwvov 1o AEBTI'TADA,
xol aveorarm anxd 100 AZBTITAD molvyavov meioue
loovyls o xwve, xel TdY ulv wEQLEXOVTOY THY TUQR-
uida, 1g Pdeig uév éeri vo AEBTIT A D moivywvoy,
xoguepy 0% to A anusiov, tolywvov épeerarm 16 AX B,
tov 0 megeydvrov Ty mugeulda, 7g fdoig uév éor
6 EEOHII®P moAvymvov, xoguey 0t ©6 N enusiov
épeotatm 10 NZJE volyovov, xal émefevydocav of
ZK, M5 énel Spoior xdvor xal xvAwdeol slotw, av
avdioydy elew of te akoveg xal of dudpergor TGy Pd-
cswv, fonwv dga og N KA medg tyv MN, ovreg ¢
B4 mpos vy ZO. g 0t 9 BA mpog iy 26O, otrwg
% BK mgds vy MZ. og &oa 1 KA meds vy KB,
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otrw; 1 MN medg tyy MZ- xal mepl dpdag ywvieg
reg Umd tov 4K, KB, MN, MZ af nisvpal ava-
Aoydv elow. Opolov &oa fotl v6 KB.A rolyevov v6
MNZ roupave. davdloyov dpa Zotly wg 1) KA moos
v AB, ovrwg ) MN moog tqv ZN. évailek aga
dotlv &g ) KA mpog tqyv MN, ovrwg 1 AZ mods
v NZ. malw énel édovww ag ) ZK meds vy KA,
otrwg 7 ME modg vy MN, xal mepl 69dag yoviag
t6g 6 1ov TK A, EMN af wievgal avaloydy slow,
Suorov &po éari ©0 TK A volyavov T EMN rouyave.
dvidoyov dou éotlv, wg v KA meds ry MN, obrag
1) AX meog vy N5, &0elydn 0t xal dg 9§ AK meog
v MN, ovtog 7 AB medg vy NZ* ag dga 1) AB
7og Ty NZ, ovrwg 7§ AX medg viw NE. xal émel
éoriv, wg % BK mpog iy KI, otrwg 7 ZM mpdg
v ME, xal megl leag yovies teg vmwd tév BKXE,
ZME of mlevoal avaloyov elowy, Guotov dga éoti To
BKZX zolyovov 19 ZME zoupove: fotwv de og 7
ZK mgog T B, otrawg 0 EM medg EZ. arda pyv xal
g 7 ZK moog iy XA, otrwg § ME meds viv EN.
8 loov &pa doriv % AZX meds B, ovtag § N5
o v EZ. dvedddf doa doriv, dg 1) AX medg
vy NE, obrag B meog tv FZ. &0elydn 0} xal
o3 7 AX meog v NE, otrwg 1) AB medg v NZ.
og doa 7 AB medg vy NZ, olrag §) A5 medg wiv
NE- Ouotov &ga éovl 10 AZB volyovov 1 NEZ
rouydve. xal mveepls oo, 7g Pdag pév dere TO
KBZX rolyovov, xogupy 0t 10 A enueiov, dpolx éatl
75} wvpauide T} Py utv éyoven vo MEZ velymvov,
xogupny 0% t0 N enustov. of O} ot mvgauldeg
xal Touyavovg Pdosg Eyoveer mog aAltieg v Tou-
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nlaolove Acye &6l rdv Opoddyev misvgov. 1% Gou
wvoauls, N Padig uév éori 16 BK X rolymvov, xoguey
0% 70 A onuslov, meos Ty mvgaulda Ty Pacw uiv
&oveay 10 MZJE rolyavov, xopueny 6% 10 N onuslov,
vouwdaclova Adyov &ye. fimeo 1) BK moog v ZM6.
xol mveauls dpu, g Pdoig uév éors 16 KBXE olyw-
vov, xoguepy 0% ©0 4 onusiov, medg Ty, muvpaulde Ty
paaw udv Eovoev 10 MEZ tolyavov, xogueny 6% To
N onustov, roumdadlova Acyov &yee fimep % BA moog
my @Z. opolmg On dslbousv, Orr xal éxdery v
Aoy mvgauldov, dv fadag udv sl v XK, MK,
®KA, KAY, TKI', KI'T, KTB & rolyove, xo-
ouen 0% 16 A onpeiov, meog éxaorny TV mMVQAUldwY,
ov Phesg iy el t& EME, EMP, MOP, M@II,
MITIN, HM®, MOZ to tolyave, xopueyn 0% 10 N
onusiov, roiwdaglove Adyov Eys fimse 1 BA modg Ty
ZO. xal 7 mvpapls doa, 7 Pdog uév doti 7O
AZBTI'MO®D A nodvywvov, xoguer 0% 16 A enusiov,
neog THY wvgauide v Pdow pdv Eovoev To
EEEOHIIOP molMiyavov, xogupny 0& 6 N onusiov,
rouwdaclove Adyov Exer fimeg n BA mpog v Z6.
xal émel 6 ABIAK A xdvog mpog ©0 A otepedv Toi-
wAaclove Adpov &ye 1imeo 1 BA moog vy ZO, Eye
0t xal 7 mvgauls, g Pdoig uév éovi 1o ATBIITD A
moAvyavov, xogupy 0% 0 A onusiov, medg TNV mMuga-
plda i Poew utv Eovoev vdo EEEGHIIOP molv-
yavov, xopueny 0% ©o N onuslov, touwiadiove Adyov
e fmeg 1 BA moos Ty ZO, Feriv doa, dg 6
ABTI'A4K A uévog meog 16 A 6te9e0v, otrwg 1) mveauls,
ng Piaig uév dor 16 AXBTITAD moddyavov, xo-
ovpy 0% 10 A onusiov, mog TV mvgauida Ty ooy

-~
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utv Eoveav v6 EEZOHIIOP molvyavov, xopuepny
0% 70 N oqustov. dvaldat doo éetlv, og 6 ABIAKA
x@vog mwEdg THY mvgaulde Ty faow udv Eoveav o
AZBIITAD morvymvov, xogupy 8% 16 A onusiov,
ovtag 10 A Oregeov mpos v mvgaulde TNy Jdoiv
ptv &oveay vo EEZOHII®P molvyavov, xogupny
0 ©0 N onusiov. peltwv 03 6 ABI'AKA xévog Tijg
mvoauidog ths Pecww piv éyovong 10 AXBIITDA
wodvywvov, xogueny 0% t0 A anusiov. usifov doeo
xal 10 A oregeov tijg mugauldog thg Pdow uiv éyov-
ons v6 EEZOHII®P molvymvov, xogueny 0 t6 N
onusiov. alla xel éAdvrov: Omep dromov. odx Goa
0 ABI'4K A xévog meog Eiarrdv v vov EZHOMN
x@Vov 6TEQedv ToumAaclova Adyov éyet fimep 7 BA mpdg
my ZO. Adyw 01, 6ve 000t moog meifov. & pap Ov-
vardv, é6te meog vo A. avdmadw dge v0 A GrEQEdY
7pog 10v ABTAKA xdvov vouwdaclove Adyov &ga
niwee 1 ZO mpds Ty AB. dg 0% 10 A 6repeov wPdg
tov ABIT4KA uovov, otvtwg 6 EZHMMN xdkvog
7w00g Aarvov T vod ABI'AK A xdvov etspedv. o
EZHOMN é&po xdvog mdg éarrov vi 1ot ABIAKA
x@vov 6reeedv TouwAaciove Adyov Eyet fimee N ZO
7pog v BA' Gmso advvarov 0é0exvon. ovx oo
0 ABI'4dK A x@vog medg wpeitov v vov EZHOMN
xvov OTEQedY TQUIAadiove Adpov éys fimse n B4
mpdg Ty ZO. &0ely®n 0¢, 67 ovd} medg EAarrov T1.
6 ABTAK A &ga xwvog mgdg tov EZHOMN xdvov
roumdaciova Adyov Eyer fmeo n BA mpdg v Z6.

Of vmd 10 avTd UyPog Gvres xdvor xel xvAwdgo
QoG dAdjdovs sloly dv af Pdoeg. -
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ormoay Umo TO aUrd Uog Ovreg ndvor xel xv-
Awdgor, av af Pdosg é6twoav of ABIA4, EZHO
avxdos, atoves 0% of KA, MN, dwepetpor 0t tdv fo-
ceov forwcav of ZA4, ZO. Aéyw, ove dotiv, og b
ABI'4 xvxdog meog tov EZHO xvxdov, ovrmg 0
ABI'A4A4") xdvog meds tov EZHON ucvov. & yap
py éovww wg 6 ABI'A xvmdog mpog tov EZHO xv-
xhov, otrwg 6 ABI'A wnivog mpds vov EZHO,
6t 6 ABTAKA xavog #ror medsy EAarrdy v tob
EZH® xdvov etsoedv 17 mpog petbov. &etw modrsgov
weog Earrov vo A orspedv, xal dyyeyoapdn &l TOV
EZH® xvxiov tergayavov vo EZHO, xel dvsordrte
ano tov EZHGO terpaydvov mugauls (ovymng T xavm.
% Gpa aveorapdvn mvoauls uslfov fotlv 9 1o fuov
Tov x@vov. verunodacev of EZ, ZH, HO megupé-
petas Oige xava ve 5, O, I1, P enucla, xol émsleiy-
swoww of EX, 5Z, 2O, OH, HII, II®, OP, PX,
xal aveerdrw &g’ Exdorov rdv EE, EZ, 260, OH,
HII, 1®, OP, PX vouyeveav mvgauls loovins td
xBvE. Exdory koo TV aveeTaudvoy mugauliday peitov
daTv 1) 10 oy Tov xad avTRy Twuarog Tob x@vov.
rowavrng 81 puwvoudvs del Emienépewg Anpdicsral Tiva
Tuijuete dxo tob Olov xdvov, & fetar fAdrrove Tijg
Omegoyiig, ng vmegéys 6 ZO MN xixdog tob A dre-
g0t Asjpfw xal iorw e éml thdv EEZ, @ HII,
OPE. oy Hoa 7 mveapls, 7g Pdog ulv o
EEZOHII®P molvymvov, xogueyn 0% 10 N enusiov,
pelov dore Tov A oregeod. Eyysygigdm 01 &lg Tov
ABI'4 xbxiov v&6 EEZOHIIOP molvydve Ouotov

1) A sapra scr. m. 1.
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wodbyavor ©0 ATBTITAD mveopls leovins T
xave. émsl éomv g vO and tijg BA revgaymvov woog
70 amd tig ZO revgdyovoy, ovzag 6 ABI'A xixlog
ngog tov EZHO xvxdov, dida wiy xal dg ©d axd
1ijg B4 tevgdyovov mdg vo and tis ZO tergaymvov,
ottwg 10 AZBIITAD moAbyavov xgds 10 EEZOHII®P
moAvpavoy, dg éoa 6 ABI'A xixdog meos vov EZH®
xUxudov, ottwg 10 AZBTITAD moliyavov medg 7o
EEZOHIIOP moldyovov. oAk’ og utv 6 ABI'4
avxhog mweog Tov EZHO xvxiov, otrog 6 ABIAK A
x@vog meog 10 A 6regedy, wg 0 10 AXBTI T AP
noAvywvov medg 16 EEZOHII® P molvyavov, olrwg
7y mveeuls, ng Pacig uév éore v6 AZBTITAD mo-
Ayovov, obtwg 1 mvpeuls, ng Pddis wév domi o
AZBTITA® moivywvov, xoguey 0% 16 A enusiov,
weos Ty mvgaulda v Pacy pdv Epoveav o
EEZOHII®P moAvywvov, xogueny 0% tdo N enusio.
wg épa 06 ABI'AK A xivog medg 16 A 6reedv, oUTamg
73 mveapls, ng fecig péy doti 16 AZBTI Y AD wodv-
yovov, xogupy 8% ©0 A onusiov, meds Y mvgaulde
v Bacw udv Eoveay v6 EEZOHIIOP molvyovov,
xoguepny 0% 10 N enuetov. évediat &oo doriv g 6
ABI'4K A xévog moos iy mveaplde Ty fdow udv
éovoay 10 AZBTITAD moidymvov, xogupny 0%
10 A onusiov, oDtamg 10 A Gregeov mEdg TRV mvgauide
v Pecw udv Epoveav v6 EEZOHIIOP noityeovoy,
xogupny 0% to N onuelov. peitwv 0% 6 ABI4KA
xdvog Tig mvgauidog g faow udv égovons T
AZBTIYA® molywvov, xogupny 0% 16 A onusiov,
ueifov dga xal T0 A ovepedy tijg mveauidog Tijs Py
ptv égovens 10 EEZO HITIOP moivywvov, xopueiy
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0% ©0 N enueiov. adde xal EAarrov' Omeg ddvvarow.
oUx doao éovly g ¢ ABI'A xvxdog medg tov EZH®
wUxdov, odrwg 6 ABTAK A xivos meos Ehartov v
tot EZON xavov oregeov.

Adym 07 000t medg peitov. & yog dvverdv, Eorw
moog uetfov ©0 A avdmadiv dpo dotlv dg 6 EZHO
xvxhog medg tov ABI'A xvxdov, oVrmg 70 A 6regeov
7wpog 10v ABI'A A xévov. dg 0% 10 A orepedv meog
tov ABI'd 4 xdvov, otrag 6 EZHON xdvos meog
Slatroy to Tob ABI'AA xidvov otsgedv. dg doa 6
EZHO xvxiog mgds tov ABI'A xvxdov, otrwg 6
EZHON =xdvos mpog fharvdy ©w tod xwvov tov
ABI'A4A") ovegeov” Gmeg advvarov 040suxvor. odx
doa dotlv og 6 ABI'A xixlog mgog tov EZHO xv-
xdov, ottwg 0 ABI'AA xévog meog uellov T rod
EZHG®N xdvov oregedy. 20elydn 04, Oti ovd} moog
Elarrov. Eorw Hga wg 0 ABI'A xvxlos mpog tov
EZH® xvxiov, ottwg 6 ABI'A4A xévog medg vov
EZHON xavov. =xol éote piv xbiwdgog 6 fdew
&wv tov ABI'A x¥xdov, Tpog 0% 10 avrd T *dve,
rouwAcotog tov ABI'AA xdvov, tov 08 EZHON
x0VOV TQURAAGI0g O xVAwdgog O Paoy udv Egov Tov
EZH® xvxdov, tyog 6% to avrd t6 xave. ot doa
g 6 ABI'A xvxdos mog tov EZHO xvxdov, otrag
0 ABI'd A xbiwdgog mog 1ov EZHON xvidwdoov.

"Eov xVAwdgog dminéde tundy mepadiideo Svee rols
dnsvavriov mnédowg, EoTon g 6 xVAwdgog medg TOV
xvAwdgov, otrmg 6 &Ewv mpog Tov &fove.

1) A supra scr. m. 1.
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xVAwdgog pag 0 Ad émnédp té HO tevuiedeo
nagediiio Ovri toig amevavrlov émmédois vols AB,
T'4d, xel ovppaiiéro 16 tov xvAlvdgov afov. 76 HO
énimedov noara vdo K onusiov. Aéywm, Om éarly dg o
H® xbAwdgog medg tov H.A xvAwdgov, otrwg 6
EK akov. ép’ éxdrsga va pégn énl va A, M onusie,
xal xeledwoay t¢ pulv EK &Eowe loov dooidrmote O
Z5, ZM, xal éPePfiiobo Owx tov 4, N, E, M')
onuelov éxinsda mapadinda tolg AB, I'd, xal ve-
vonjedwoay &v volg dwx tév A, N, 5, M onuelov
émmédorg megl wévvoew va A, N, 5, M xixio. of
OIIPXE, TY®X loo. Svreg voig ABI'A, xel vevorjeda-
goev xlwdgor of IIP, PB, AT, TX. =xal énel of
AN, NE, EK &foveg loot slolv dldsjdos, of dpex
ITP, HP, BH wvlwdgor modg dAdidovs &lolv og el
Bdosig. loow 0% dAdjAaig eloly of Pdosig. lgor doa
elol xel of IIP, PB, BH xvidwdgor aAdniog. xad
énel of AN, NE, EK é&toveg lgor elolv addjdocg,
elol 0% xal of IIP, PB, BH xVAwdgor i6or adinioeg,
xel 6ty loov ©o whAijPog T wAnBel, ocawdaclav dge
dotly 6 AK @kwv tov EK &Eovog, rodavremieciomv
dorl xel 6 I1H xviwdgog tov BH xvilvdgov. dic
te avta On xal Odamdeciov dotlv 6 MK dfwv Tot
K Z &Eovog, todevraniaciov éorl xal 6 X H xviwdgog
vt HA xvilvdgov. & ptv odw idog éorlv 6 AK &Ewv
v KM &kowi, loog éovi xel 6 ITH xvAwdgog 76
HX xvitvdom, & 0% pelfov dotlv 6 KA dfov tov
KM &Eovog, peltov éotl xal 6 ITH xvAwdgog tov
HX xviivdgov, & 0 éldccav dotly 6 AK &fov tov

1) 4 in ras.; sapra N ser. M m. 1.
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KM &kovog, éidoowv éovl xel 6 ITH xviwdgog toi .

HX xvilvdgov. re66dgwv 01 ucyeddy Sviav, akdveoy
piv vov EK, KZ, xwiivépov vév BH, HA, siinyaro
Lodnig moAdandaeie tov piv EK &Eovog xal BH xv-
Alvdgov 8 ve KA &kwov xal 6 ITH xvAwdgog, tov o}
KZ étovog el vov HA xvitvdgov § ¢ KM dtav
wol 6 H wddivdgog, xal 0é0einvon, 8vi, &l Omegéyer 6
AK ckov vov KM dkovog, megéyer xel 6 ITH x0-
Awdgog oo HX xvidvdgov, xal &l idog éorlv 6 KA
atov v KM &tovi, loog éotl xal 6 ITH wuvAwdgog
¢ HX xviivdop, xal & éAacoov dotlv 0 AK &Eov
tov KM é&kovog, éAdecwv éotl xal 6 ITH xviwwdgog
tot HX xvilvdgov, éonv &ga o3 6 EK &Ewv meog
vov KZ ékova, ovrwg 6 BH xviwdgog meog tov HA
xvAwdgoy.

0! éml lowv Pdocov Ovieg x@vor xal xvAiwdgor
mog aAdjlovg elolv og Ta Ty

éorwoay yag énl loov Bicsov tav AB, I'd xv-
Awdgor of EB, ZA. Aéyw, 8nu éotlv dg 6 HB dEwv
mwdg ©0v KA dtova, ottwg 6 EB xvdwdeos mwedg tov
Z A4 wbiwvdgov.

éxPefiriodm pop o KA dkwv éml vo N onuelov,
xel xelodeo v HO &Eove loog o AN, xel megl &fove
©ov AN x0Awdgog voelddm 6 I'M. émel odv of EB,
I'M %VAwdgor Umd 16 avrd slew tog, mwedg AAAy-
Aovg elaly ag of Boceg. ooy 0¢ slow al Baceg. icog
éoo xal 6 BE xviwdgog t¢ I'M xviivdep. xol émel
#VAwdgog 0 ZM Emméde 6 I'd tévunran megadlfie
Svve votg dmevavtiov émimédorg, Eorv dga og 6 I'M
#VAwdgog meog Tov ZA xviwdgov, ovtwg 6 AN modg



414 APPENDIX II.

. wov KA dbove. ioog 0 oty 6 ptv I'M xvdwdgog

14

tp EB xvilvdop, 6 6t AM akov ve HO &tovi éorw.
éorwv dga og 6 EB avAwdgog meog tov ZA xVAw-
doov, ottmg 6 HO dtwv mpdg tov KA dtove. og 0}
0 BE wvdiwdgog mgog tov ZA xviwdgov, ovtwg 6
ABH xdvog meds rov I'dK ndvov. xal ag dea 6
HO é&tov meos vov KA &kova, otrwg & ¢ ABH
x@ovog wpog ©ov I'dK xevov xal 6 EB wnvdwdgos
700 vov ZA wivdgov.

Tav loav xdveov xal xwiivdgov dvrixewdvdadiy
af Pdoeg volg Tyear, xal dv xdvev xel xvilvéowv
avunendvdaow ol Pdoag rolg Dysow, éxsivor oo
gloty. : »

dotwoay ldos xdvor xel xvdwdgor, av fhoeg udy
of ABI'4 wvxhoi, &Eoveg 0% ol EZ, HO. iéya, O’
tév ABZ, I'40 xsdvey xal xviivdowy avuxendvdacy
al Paceg tolg Upeo, tovtéoty g 1) AB Pdeig meog
v I'd Bacw, ovrwg 10 HO tyog meds 6 EZ Tog.

70 pag EZ Uyog vs HO tye fjror loov datly 1)
ot. #&tw mpdregov lgov. of 8% V™o 0 avrd Tyog
Svreg ndvor xal xvAwdgor meos ariniovg eloly dg af
pdacg. dovv dpa wg 6 ABZ xdvog 7 xvAwdgog
ngog tov I'40 xévov 7 xvdwdoov, otrwg % AB
pooig mede Ty I'd Pacw. Idog 8¢ éotiv 6 ABZ
xwvog 7 xWlivdgos 16 KAO xdve 1 xviivdew. loy
dga nel ) AB Bdawg vij ['4 Pdoe. #ove 0% xel 0
EZ tjog e HO vyper loov. &orww doa g 5§ AE
paeig mpds iy I'd Bdow, otrwg 16 HO Tipog xoog
0 EZ Tpog. uy Eorw d7) loov vo HO vpog v¢ EZ
Ve, @Al Eotw peifov v6 HO, xal xelodw 6 EZ
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ioov v HK, xal ano Peceag vig I'd, Tpovg 0% vod
HK vevorjode xdvog 7 xviwdgog 6 TAK. émel odw
0 ABZ xdvog 1 xvAwdgog véd I'd xdve 1 xviivdge
Vw0 1o avrd vyog fotly dge og 1w AB Pdeg mgog
ww I'd Pdow, otreg 6 ABZ udvog 7 xviwdgog
mpog FA4K xdvov 7 xviwdgov. loog 8% 6 ABZ xdévog
7 x0Awdgog 1@ I'd0 xcve 7 xvilvdow. Eotw dou
g 7 AB Pfdaig meds vy I'd Pacw, otrog 6 4@
xovog 1 xvAwdgog wedg tov I'AK xdvov 1 xvdwdeov.
dg 0 0 I'4® xdvog 7 xVAwdgog medg tov I'dK
xdvov 7 xviwdgov, ovrag v0 HO Tyog meog vo HK
Uypog. xal og dgo 9 AB Bdoig mweds Ty I'd Bdaw,
otrwg o HO Uypog mpog ©0 HK tipog. loov 0t 7o
HK vyog ©¢p EZ vye. Eonwv dpa og 77 AB Pdeig
npog iy I'd Pdaww, otrwg 1o HO Tyos mpog 160 EZ
tyog. twv ABZ, I'd® éga xdvov 1 xvilvdeav
avunendvdasy af Bdosg tolg DPeou.

aida 01 cvnimemovBérweay af Pdosg Toig Ueoy,
xal fotm dg 1) AB Pacis meog iy I'd Bdow, ovrmg
10 HO Tyog moog 0 EZ Tyog. Aéym, Ot ldog éotiv
6 ABJE xdvog 1} x6dwdgog 1vd 'O xave 7 xvilvden.
nodw yeg ©0 EZ yog v¢p HO Tys froi leov dotly
7 ob. éotw modregov loov. Eetw dox og 17 AB
pacig medg Ty I'd Bdow, ovrwg 6 ABZ ndvog 1
xVAwdoog modg vov I'AO xévov 1) xbdwdgov. g Ok
% AB Bdawg meog v I'd fdew, otrag o HO tog
ngos ©0 EZ Vypog. xal og #px 6 ABZ xdvog 7 xv-
Awdgog medg tov I'd® xdvov 7 xviwdgov, odrwg
0 H® ¥pog mpdg 160 EZ typog. lgov 0% 10 HO Dyog
9 EZ vype. loog dga xal 6 ABZ xdvog 1 xvdiw-
doog 10 I'd® xdve 7 xviivdpw. w1y fotw On lov

P
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70 EZ Tyos 16 HO vyer, xal éotw pelfor o0 HO
76 EZ, xol xelodo ©0 EZ ldov v¢ HK. éonwv doa
dg 7 AB Paoig medg v I'd fdow, obrwg 6 ABZ
x@vog 1 x0Awdgog medg tov I'AK xévov 4 xbAwdgov.
bg 0 6 AB Pdewsc meog Ty I'd Peow, otrwg 1o
HO tpog meds 70 EZ vyog, tovréort meds w0 HK.
xel g doe 6 AZB xodvog 7 xviwdeog medg Tov T4 K
xdvov 1 wiiwdgov, otrag 10 HO Tpog meds 0 HK
UYog, g 0k v0 HO® tog meog 1o HK Tyog, ovramg
06 Td@ABZ xdvog 1 xviwdgog mdg rov I'd xdvov
7 x0Awdoov. xal og dea 6 ABZ xdvog 17 xviwdgog
npdg ©ov I'AK xévov 7 xdiwdgov, oftwg 6 I'd®
xdvog 1] xOAwdgog meds tov I'AK ndvov 9 xviiwdgov.
Ta 0} mPog 70 avrd oV avrov Eyovra Adyov lee éoviv.
loog tige 6 ABZ widvog 1 xVAwdgog 16 I'd® xdve
7 wvAivdow* Omep Ede dciko.

Ao wiondov mepl 1o adro %évrgov Sviev slg ToV
uellova xvxdov molvyemvov (odmlevgov éypedpar uy
Yavov tob ZAdggovog xvxdov.

Eorocay 0vo uvxdor meol O avro xévreov of ABT,
AEZ., ¢t 87 &lg tov pelfove xdudov tov ABI'A
wodvywvov (Gomdsvgov yyoaper uy Yavov tov éidr-
Tovog xUxiov tov EZ,

fydwoar tév ABI, A4EZ xvxhov 0vo dioustoor
moog 6pdag aidjlaug af AT, AB, xal fydw axd Tov
Z v} AT mgog dpBag 7 ZH nel xfefirijcdo énl ©o
Z0. ‘épamrevar dpo vov EZ wvxdov. téuvovreg Oy
iy I'd megupépeiay Olye el viv fulosiav tijg I'd
0iye xal vovro agl molobvreg xartalfpoudy Tive megr-
péostay, frg Eorar éAdocmv viig HI. Asdfjpdo xal
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forw 7 KT, xal 7j3@0 dnd tod K oquslov éml wiv
AL xddevog 7 KA nal xfefijodo éxl 10 M, xoi
énelevydwony of KI'y, I'M. éxarépa &po vév KT,
I'M moAvyavov (looxAevpov Zotl mAsvga ot &lg vow
ABI'A dypoapopdvov. xal émel mapdAdnidg derwv 4
HO vjj KM, 5 0t HO {pdnrsran to0 EZ avxdov, 3
KM éga otn dpdnteras tov EZ widov. mordd dga
ovdsrépe tov KI', I'M épdarerar tov EZ xvxdov.
éav doa vf] KI' megupspely idag megupeoslag dpaioduey
xove 10 EEfg nal émitevyviousy sbdelug, Eotar &lg OV
ABI'4 xvxdov modvyavov ladémAsvgov éyyeyoapudvoy
un Yedov tov Adedovog xvxdov tot EZ, xol pave-
eov, 8t. o Zyppagdusvov molvywvov deridmisvody
doviv* Omep #0s1 deika.

dYo opaieiv mepl 1O avTd %évTgov 0VEGY &lg TNV
uelfove opaipay oregedv molvedgov 1 xol doridmAsv-
oov fyyodpar uy Yavov tig éAdodovog Spalpus xata
w émpdveaay,

dvvoslodwoay dvo oopaigar megl 1O avTd xévroov
ov6a 10 A. el 81 elg Ty pelfove opaioay eregedy
noAvedgov xal dgridmAsvgov dyyedyar un pavov Tig
éhaegovog opaloas. reruriodmoay al opaloar émimédep
due ToD xévrgov. moujdel 0% Toudg peplaTovs xvriovs.
nowslvew tovg ABI'A, EZH, xal é6vw 6 uiv BI'A
xvxdog v vfj pelfort opalpa, 6 02 EZH év tf éAdo-
oovi. xal fydweay rot BI'A avxdov Vo diducroor
npdg Spdag edijAag af BE, I'd. xal 8vo wvxdev
megl 70 adrd xévrgov Svvwv BI'd, EZH &l tov psi-
fova xvxlov tov BI'A modvyevov ledmievody te xel
apridmisvgov dyyeyodpda un Yavov vov éldecovog

Euclides, edd. Heiberg et Menge. IV. 27

16
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xvxdov rov EZH, xal forweav mieveal tov moAv-
yaovov af BK, KA, AM, MI, xel émevydeiop 7
MA énpepiiodw éml 1o B, xal dvesrdro axd tod A
onustov ¢ 1ot BI'd wvxdov émimédo meog 6dag
AN xal ovufadiéve tfj émwpavely tiig paliovog opai-
pag xara vo N onueiov, xol 8. Exavépag vov I'd,
ME xoal tiig AN énlmeda énPefiiodw. moujoe On
Toudg xvxAovg. mowsitm, dv fuuxvxie Eorw ta INA,
MNE. xal émel loov elolv of BI'4, ’NA, MNE
wvxdor aldjhowg, 60w dge slaly v te BI' reragen-
pogle mievpal Tod molvywvov, rosavral slor xal év
éxaréon 3 I'N, MN z; MI loau. évnopocdwcar
xol Egvwoov of 'O, OI, ITP, PN, N3, 3T, TT,
TM, nol émefevydwoey «f TO, TII, EP, xal axod
ptv vob O énl vy I'd xddevog 7Hyde % OD, axd
0 o0 T éxl vy ME 5 TX, xol émefevpdo % DX.
énel ovv v NA 084 dovu meog vo BI émimedov, xal
xovve dgo ve Oie tijs NA énimedo 899a éomi mpog
10 BT énimedov. &v 8¢ ©. 1av O vijg NA éminédov
dotly § 'NA wixhog. 6 I'NA dga xvxdog dg8dg
dovt meog tov BI'd x¥xdov. 68ie 16 avve Of xel 6
MNE avxdog 69ddg dore medg tov BI'A xvxhov. xal
énel v0 I'Nd énlnsdov dg8ov domt m@og ©o BI'd,
uel tf) xowy vous avrav vj I'd modg Sedag frrer
& ¢ I'N4 émnidp 4 OD, 5 OD &oe xal vg BI'A
émnédep dorl modg 0pPdg. O e adre Oy xal § TX
19 BI'd éminédp dotl moodg dpdds. mupdAdniog doe
dotlv n OD v TX. xal émel lan doslv 7 TM =
OI, loov ezl ©0 dmd vijs TM vevpdymvov 16 axd
tiis OI tergaydve. dide v pdv axd i OI isov
ol ©0 vmo tdy AI'D, v6 0 amd vijg TM ooy éorl
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o 4o igt) EMX. xal v0 vmo tov ATD &oe laov
dotl v Um0 tév EMX xel AT'DY) 76 vmo rov
AMX. xal dovwwv lon 9 AT ©ff EM. loy dga éorl
xel 7 I'® vfj MX. é&are 0% xal 8An § I'd 8in *j
AM ion. mapaddniog coe éderlv % OX vy MI.
mddw émel 10 ano vig EI'® revpaywvov lgov éori
v amd tig MT vergaydve, dile v6 wiv dwd tig
IO ioe éovl ve amo tév I'®, PO° oy pag 74 vmo
I'®0 povie vg & and vijs MY loo Zotl va dmd
rov MX, XY do87y pag dovwv 5 vm6 MXO yovie:
%ol Te amo tov I'D, DO dga loa éotl tolg amd TéY
MX, X7, év ©6 and vijg I'D ldov éovl v dnd vijg
MX. Aoumov &ge to and tig PO Ao v dmo vig
X7 dorv loov. loy &oa éorlv 9 DO tjj TX. Eomu
o} ovtn xal magaddnlos. xal aof ®X, O dgo icon
¢ elor xol wagadindor. % doa DX tfj I'M éov map-
diindog. xal ) I'M é&oa tfj O d6v mapdiiniog.
xol ép’ Exarépug avrdy eldnwrar Tvydvie onusle To
N, M, O, T, xol éxclevyuévar elolv af MY, I'O. of
dége TM, MI', I'O, OT év tovre éoti xel ©v0 TMI'O
rergamievoov. 1o dgae TM IO vetpamievoov év évil
éorww émméd. Oux Tk avra 01 xal éxdregov Tow
TOIIT, PX revoanievoov év Evl éotw émnidp. &ore
0% xal vo ZPN rolyovov é&v &l dmnédo. xal émsl
loy éotlv 9 MY vij 'O, xal megdidnidg éorwv %
MT ©j; T0, év wixio dea éotl te M, I, T, O oy-
uele. fy0w axd vov A enuslov éxl ©o rov MI'TO
revgamdevgov énimedov xddevog ) AW xal ovpfel-
Aérw v6 dmumédp xove vO W. 0 W doo onusiov xév-
1) dno tijg corr. in Y=é Tav m. 1.
2) & corr. ex X m. 1.
27*
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rgov gotl vov mepl o M, I'y, O, T onusia xvxdov.
émelevydo N TI. nel émel vergamAsvoov v xvxie
éori o MI'OY, xol voels of M, MI, I'O loar
ardndaig eloly, xal pelfov éotlv 9y MI vijs T0, vo
doa amd tijg MI' vob énd vijs I'® peitov éoriv 17
dimdaciov. ifjydw awd voi ME ‘éml gy I'® xaderog
N MQ. xal el éidocov éeriv v I'Q vig R4, og
0t 5§ I'Q meog iy R4, obrwg ©o dnd tijg ['Q vod
amd g M, va oo amo rov I'Q, QM éideeove
dori tod Olg amo Ty ML. dida to awo vév I'Q,
&M igov éorl ©d amo tiig MI. ©d &ga dmd vijg M
éAacody dote Tov Olg dmd v M. 1o 0% amd vijg
MT tov and vijg I'® peildy éorwv 1) dumdaeiov. 7o
tga amd tiig MR tov ano vig I'W peifov dovw. xal
énel lon dovlv ) I'd tfj AM, iloov éoti %o dmo 7ijg
I'® tj and tijs AM. &l t udv dno vijs I'A loa
éotl To dnd Tov I'W, WA befy ydo éovww 7 meodg
19 ¥ yovie. tp 0} dwd vijs MA i6a éotl e amo
v MQ, Q4. 8097 pag dotwv 7 Omo' MR A pevie.
T énd vov I'T, A lea dorl voig amo vov MK,
QA4, v 7o axo tijg MR usifdv éore to¥ dmd Tig
I'®. domdév dpo ©o amd vijg ¥A petlov éove vov
dnd vijg AR, peltov cpa 7 TA vijg AL 7 0t AR
peitav dotl Tiis éx ToU xévrgov rijs fAdedovog opalpas.
woAdd doa 1) WA psitov ol tijs éx Tov xévroov Tig
éhdacovog cpalpns. xel ) AE xddsvog énl to MO
émimedov dotwv. vo dpe MI'OT émimedov ov yave
tijg éAdodovog opalpes. O ta avrd 0% xal Exd-
régov tév TOIIT, TIIPX wergpamisvpor oV pave:
i éAdedovog dpaigag, 000t vo NXP tolyavor pave
tijs éAacaovog Gpaipag. éav 07 év éxdary Tév Aoimay
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TETUQTNUOQLOY TE GUTA XLTOOKEVHOOUEY, EEoucy &lg
v pelfova cpaigay oregedv wodvedgov xal dgridmiey-
ooV yyeyoauudvov uy Ppavov tig éAaGGovos Gpalgug.

‘Eav 09 &lg évépay opaipay te év v BI'4 epalpn
oreped moAvédom Ouolov OTegedv molvedgov Eyyod-
Youty, fotar éxdoty THv mvgauldov tov fecw ulv
éovodv re MI'O?, YOIIT, TIIPX xal v6 NOP
Tolywvov, xogueiny 0% o A enueiov, buole zfj Ouo-
raysl mvpauldi. af 0% Suotar mvgauldeg mods aAdrjiag
touwdaclova Adyov Epovow fmep 7 Opoloyog mwAsvod
meog Y Oudloyov mAsvodv. éxdcoTy Koo TOV WvQH-
uldav tdy Pecw tdy fdaw udv dpovedy ro MIOT,
PYOIIT, TIHPX rerpamievoa xel 0 NZ P rgilyavo,
xogupny 0% ©0 A enusiov, weog ExdoTny Ty dpotaydy
nmveapldov roudacloval) Adyov &ys dimeo 1 I'A modg
v & ToU x%évrgov wig Erépag opalpes. xal Olov
&oa 10 moAvedgov veumiuclove Adyov Eye fimee 7 I'd
7weog T éx 10D ufvrgov tig frdpus opaloag. g O
n I'd medg v éx tod xévrgov tijs érdpag opaigos,
ovtag § I'd medg tov dudustoov vijs Evépos Gpalpes.
xol GAov dga to modvedoov meég GAov TO moAvedgov
roumhaciova Adyov Eyev tmee % I'd mpdg ryw dud-
peTgov Tig Gpaloag: ~

Al ogalpar meos ariiias &y toumAadlove Adye
slol Ty deusroanw.

éorwoay opaigar of ABI', AEZ, dudpstgor 0%
tov ABI', A4EZ opoigdv éotwoav af BI'y EZ. Adyn,
6vv ) ABI epaign meds iy AEZ opaioav toimia-
clova Adyov &ye fimeg 1 BI mpdg tw EZ.

1) Corr. ex roumldote m. 1.



422 APPENDIX II

& yap un &y ) ABI opalpe mpdg wiy AEZ
toumdaciova Adyov ‘fimeg 7 BI mds viv EZ, &s
dga 7 ABI ogpaiga 7jro. mpdg éAdecova Tiva opaigay
tijs AEZ 7} mpdg usifove rgimhesiove Adyov ymse %
BI" ngog v EZ. éyérm mpdregov medg éAdocova
my HOK, xal vevoljodw  AEZ iy HOK msql to
avTd xévrgov, xal 0Vo Gpaipdv meel TO avTd xévroov
ovedy tdy A4EZ, HOK el tyy pslfove opaigay tyv
AEZ ovepeov modvsdgov dyyeypdpda un patov vis
éldocovos ogalpas tiis HOK xare v émupaveay,
xal dypeyoapdo el v ABI opeaigay td év 6
AEZ oregegp molvédom Suoiov e xel dpolmg xelpevoy
otepedv moAvedgov. 0 doo v tf) ABI opalox ore-
es0v moAvedgov meos 0 &v T} AEZ opulpx oTegsov
moAvedgov toumdaclove Adyov &ysu fimse % BIT meog
mv EZ. &e 6% xal § ABI opaipn mpog vy HOK
rouwdeolova Adyov Ymep 7 BI mgog vqv EZ. Fouw
dpa wg 1§ ABI ogpaiga moog v HOK cgaipav,
ottwg 0 év ) ABI aregedv moivedgov. évaddaf
dga fotlv &g ) ABI opaipe mgog To6 év avrij mo-
Medoov, otrwg § HOK opalpe meog 70 év ©j AEZ
opalpe orepedv modvedgov. uslfwv 0t 9 ABT epaige
Tov &v avri] moAvédoov. pslfov Hee xel v HOK
epaiga tob év tf] AEZ opalge orepeov molvédgov.
arie xol dAdeewv’ dumegiéyetrar ydp* Omep ddvvarov.
ovx ége 1 BIT opaiga meog fAwcady tive tijg AEZ
roumhaclove Adyov Eyse fimee 1 BI' meds vy EZ.
ouolmg 07 Osltousv, Ste 0V0t 5y AJEZ ogaipa mdg
éldeeovd twve tijs ABI opalpas toimheciove Adyov
¥yev Gimep n EZ m@dg vy BI.

My 01, Ot 000 7} ABI cpaipa medg ueifov
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wwa 1g AEZ roumdasiova Adyov Eyev imeg § B
weog iy EZ. ’ .

&l yap dvvaroy, 1) ABI epaipa mpds uelfova Adyov
érérw tijg AEZ opalpeg meog tiv A iimeg % BIT moog
v EZ. avimedwv dga 7 A epelpa meds iy ABI
opaigay toumdaciova Adyov Eysu fimep n EZ meog iy
BI. &g 6% % A opailge weog vy ABI epaigav, otrewg
1 AEZ opaiga weds éidcoova vwve tiig ABI epalgas.
xal n AEZ &gu opaipn mpdg éAaeoovd tive tig ABT
opalpag teuwdaciova Adyov £ys 7ime 4 EZ modg T
BI" Gmep advvarov. ovx dga v ABI ogpaiga moodg
pellove twa vijs JEZ epalgag touwiaciova Adyov
&yev fimeg ) BI medg tiv EZ. 80sly®n 04, 6o ovdd
7o éAaddove. 1) ABI" opalga meds vy AEZ opai-
oov touwAadlove Adyov &ya fimse ) BT modg vy EZ.

Ebxieldov orouyslov?) f.

1) Infra add. ozegedv.
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