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PRAEFATIO.

Prodit jam, uti dixeram in uol. II p. XXTI, quartum
Elementorum uolumen ante tertium, id quod hoe ad-
tulit incommodum, quod propositiones quaedam libri X
non iis numeris citandae erant, quibus in editionibus
uulgatis feruntur, sed iis, quibus in hac editione cum
codicibus significabuntur. sed hoc incommodum edito
tertio uolumine sublatum erit, et nunc quoque propo-
sitiones illae facile reperientur addita ad numerum a
me citatum unitate,

In hoc uolumine praeter codices solitos PBFV*)
(u. wol. I p. VIII—IX) his subsidiis usus sum:

b — cod. Bononiensi, de quo w. uol. I p. IX; extremam
partem libri XI et totum librum XII in append. IT
recepi, sicut in codice legitur; cfr. p. 385 not.

q — cod. Parisino 2344, de quo u. vol. IT p. V. usur-
patus est ab initio libri XII, quia in XTI, 3 p. 154,
T deficit F.

*} Hoc loco additamenta quaedam cod. B subiungam,
quibus in adparatu locus non fuit. XI, 4 enim p. 14, 1 supra
anelijpfwcey add. reryfjofosay m. rec. XI, 10 p. 30, 2 supra
nogd add. fzor mepdidnlos ol Svely eddelos Tais Gmropivarg
alljloy m. rec, XII, 12 p. 208, 9 in mg. add. pro scholio ded
700 fxarége adrdy m. 1.
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VI PRAEFATIO.

L — cod. palimpsesto Londinensi Musei Britannici
Add. 17211, qui praeter partes quasdam libri X
etiam XIII, 14 continet ab initio p. 296, 3 ad
uocabulum ien p. 300, 4. de hoc codice pluri-
bus egi et seripturam plenam edidi in Philologi
uol. XLIV p. 353 —366.

Praeunideram fore, ut inter hoc uolumen et prius
satis magnum temporis spatium intercederet; sed maius
etiam euenit, quam putaueram, quia interim nouum
munus scholasticum suscepi et praeterea alio opere
ad usum scholarum destinato -occupatus fui. sed finito
iam hoc labore et primis difficultatibus noui officii
superatis spero, me breui hoc opus diuturnum ad
finem perducturum esse, praesertim cum materiam reli-
quorum uoluminum iam omnem fere collectam habeam.

Ser. Hauniae mense Iunio MDCCCLXXXYV.
I. L. Heiberg.
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Euclides, edd. Heiberg et Menge. LV. 1
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modg mieag Thg amToufves avrig evdelag xel ovoag
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7008 Spdag deuw.
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amwd ToU psTedgov mégavog Tig evdelmg dnl To émime-
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énl 10 &v 16 mnédo mépag Tijg eOVelng evPeia Smi-
Levy 1], B meguepouivy yovie Vo tig dyPelong nal
tijg épeararong.

§'. ’Eximédov medg émimedov xileig éativ 7
megLeyousvy Okele yovie U THY mEdg Sdag T xowy
Tous] dyoufvav meog TG alrd onusle v Exaréogp THV
émnédav. ,

Def. 1—2. Hero def. 13, Psellus p. 49. 3—4. Hero def.
115, 2.

Evxieidov otolyelwy i PV et b, sed mg m. 1: ye. ore-
osdv. Eduleldov OTEQEDY o OTOLY. W B. Edulsldov crepeav e,
add. erotgelwy F. . 1. Ggor] om. codd. Numeros om. codd.

7. dmonsipive) supra ser. m. rec. P, supra m. 1 V; adzé b, mg.
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Definitiones.

1. Solidum est, quod longitudinem et latitudinem
et altitudinem habet.

2. Terminus autem solidi superficies est.

3. Recta ad planum perpendicularis est, ubi ad
omnes rectas eam tangentes et in plano illo ductas
rectos angulos efficit.

4. Planum ad planum perpendiculare est, ubi rectae -

ad communem sectionem planorum perpendiculares in
alterutro planorum ductae ad alterum planum perpen-
diculares sunt. '

5. Rectae ad planum inclinatio est, ubi ab eleuato
termino rectae ad planum perpendicularis ducitur, et
~ ab puncto ita orto ad terminum rectae in plano po-
situm recta ducitur, angulus a recta ita ducta et ab
erecta comprehensus. :

6. Plani ad planum inclinatio est angulus acutus
comprehensus a rectis in utroque plano ad idem punctum
perpendicularibus ad communem sectionem ductis.

m. 1: yo. dwonsipéve; F mg. m. 1: yo. év 6 aded. morsi F, et
P, corr, m. 2. 9. mwgds — 10, émimédwr] mg. m. 1 V.  10. z55]
#el vo V, el supra scr. m, 2 . 12, #99slwg] -ac post ins, m.
1P. " sdelog — 17. épsordong] m. 2 B, om. -Fb. 15. éxi 6]
P, dwo ot B (sed corr.), in ras. V, m, rec. P.  mégag] P, méoa-
tos B (sed corr.), e corr. V, m. rec. P. 19, §£eia] om. V (ras.
est 3 litt.).  20. Post rops spatium 4 litt. relinquitur in F.

thy émméday] corr. ex i émmédov m. 1 b.
. 1%
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8. Hero def.-115, 2. 9. ib. 118, 2. 11. ib. 24.
12. 1b. 100. 14, ib. 77. 11—15. Psellus p. 49—50.
3. w6t Vb, 4. mwogeldnie #nmi- in ras., -medo mg. m,
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ELEMENTORUM LIBER XI. 5)

7. Planum ad planum similiter inclinatum dicitur
atque aliud planum ad aliud, ubi anguli inclinationum,
quos definiuimus, aequales sunt inter se.

8. Parallela plana sunt, quae non concurrant.

9. Similes figurae solidae sunt, quae planis simi-
libus continentur numero aequalibus,

10. Aequales autem et similes figurae solidae sunt,
quae planis similibus continentur et numero et magni-
tudine aequalibus.

11. Solidus angulus est amplius quam duarum
rectarnm inter se tangentium nec in eadem superficie
positarum ad omnes rectas inclinatio.) Aliter. Soli-
dus angulus est, qui amplius quam duobus angulis
planis continetur non in eodem plano positis et ad
unum punctum coniunctis.

12, Pyramis est figura solida planis comprehensa,
quae ab uno plano ad unum punctum componitur.

13. Prisma est figura solida planis comprehensa,
quorum duo opposita et aequalia et similia sunt, re-
liqua autem parallelogramma.

14. Sphaera est figura comprehensa, ubi manente
diametro semicirculi semicirculus circumactus rursus
ad eundem locum restituitur, unde ferri coeptus est.

15. Axis autem sphaerae est recta manens, circum
quam semicirculus circumagitur.

16. Centrum autem sphaerae idem est ac semicirculi.

1) Haec definitio, quae loquendi genere ab Euclide ab-
horret, fortasse ex Elementis antiquioribus-ab eo desumpta est.

PFVb, 13. émmédav” yovidy' F, émmidwv yovidy B.

16. Ante &v/ del. s» F.  17. gvveordg Bb; in P non liguet.
18. dotiv PF. 19, &»] om. .  20. dozw F. 22, 7 nue-
aduleov] mg. m. 1 b. ~ 26. doutw F.
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18. Hero def. 84, 2. 21—28. ib. 96. 18—23. Psellus
p. 50.

1. opalpeg) o- supra scr. m. 1 P, 3, -waom. b. piger @,
4. coe-inras. m. 1 B. 5. mlsveds wdc V.  tdv] corr. ex
zod m. 1 b,  ded7y] om. Vb, -» evan. F.  yovix . 8. 7fj]



ELEMENTORUM LIBER XI. 7

17. Diametrus autem sphaerae est recta aliqua per
centrum ducta et ad utramque partem superficie
sphaerae terminata.

18. Conus est figura comprehensa, ubi manente
alterutro latere trianguli rectanguli eorum, quae rectum
angulum comprehendunt, triangulus circumactus rursus
ad eundem locum restituitur, unde ferri coeptus est.
et si recta manens aequalis est reliquae ad angulum
rectum positae, quae circumagitur, conus rectangulus
erit, sin minor est, obtusiangulus, sin maior, acuti-

angulus,

19. Axis autem coni recta est manens, ecircum

quam triangulus circumagitur.

20, Basis autem ecirculus est, qui a recta circum-
acta describitur.

21. Cylindrus est figura comprehensa, ubi alterutro
laterum parallelogrammi rectanguli rectum angulum
comprehendentium manente parallelogrammum circum-
aclum rursus ad eundem locum restituitur, unde ferri

coeptum  est.
22. Axis autem cylindri recta est manens, circum

quam parallelogrammum circumagitur.
23. Bases autem circuli sunt, qui a duobus late-
ribus inter se oppositis in circumagendo describuntur,
24. Similes coni® et cylindri sunt, ‘quorum axes et
basium diametri proportionales sunt.

m. rec. P, om. Vbg. 9. Post ded+j» add. :ymv{m: Psellus et

F, sed punctis del.  10. dufvymviog .  12. 8¢] supra scr. m.
1V. " edfeiw] om. V. 16, & domw V. 18, yovlew] om,
B. 23. fdog Vhbo. amevoavtioy b. 26. aveloyor Vh.

ooy ¥, elor Vb.
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26. Hero def. 104, 26. ib. 102 27. ib. 101.
28. ib. 108. 25—28, Psellus p. 50—51. :

" 2. Post iooy eras. wnol lsomlevomy V.  Def. 27—28 hoc
ordine habent P -et Psellus; permutauit Theon (BFVb).
5. oyTjpe arsgsow] 70 V, et b, sed mg. m. 1: yg. 6xfjue oT8086w.
etwoot] » F. 7. dovw F. 6masua] inras. V. 8. -yw-
viwy supra ras. m. 1 V. 10. Gsdonue o’ V. 12. 7 é'v]
n év 1@ BF.  usredop b, mg. m. 1: yg dv 1 perewgotéom.
" 16. ] v 16 P. 18. &oo] 87 B, supra scr. m. 1,



ELEMENTORUM LIBER XI. 9

25. Cubus est figura solida sex quadratis aequa-

libus comprehensa.
26. Octagdrum est figura solida octo triangulis

aequalibus et aequilateris comprehensa.

27. Icosaédrum est figura solida uiginti triangulis
aequalibus et aequilateris comprehensa.

28. Dodecaédrum est figura solida duodecim pen-
tagonis aequalibus et aequilateris et aequiangulis com-
prehensa.

L

Fieri non potest, ut rectae lineae pars sit in plano
subiacenti, pars autem in eleuatiore.

Nam si fieri potest, rectae lineae 4BI" pars 4B
sit in plano subiacenti, pars autem BI
in eleuatiore.

erit igitur in plano subiacenti recta
aliqua rectam 4B in directum continuans.
sit B4. itaque duarum rectarum 4B,
AB A pars communis est 4B; quod fieri
non potest, quia, si centro B, radio autem
AB circulum descripserimus, diametri [4BI, 4 BA]
inaequales arcus circuli abscindent.!) .

Ergo fieri non potest, ut rectae lineae pars sit in

1) Eos scilicet, qui inter puncta 4, I' et inter 4, o positi
sunt. tum cfr. I def. 17.

19. do@s6dv ed@sisy Theon (BFVh). 4B] Binras. m.1B.
7] inras. V, zd b.  20. éoriv]om.V, ‘émediimsg — 22. waot-
geosloag] P (Jdv m. 1 ex &v corr.); sddein yag s99ely 0% ovpu-
Belder nare mlelove onpsio 7} nod’ fv- of 0% wij, dpaoudcovery
dllfdens af sddeice Theon? (BFVDb); idem mg. m. rec. P., add.
otws dv dllog edonran, Emeita Té' sUDelug doo yoauuis.



10

15

20

25

10 ITOIXEIRN o’

~ ¢ ? ) ’ \ ’ . "
T4 Vmoxstuéve Emimédm, to 0F dv weremporiop” Omeo
£0s deto.
ﬂ,

Eav 0vo ¢vdelar téuvmoiy dAdjiag, év évi
slow émnédp, xal mav tolywvov v évi éoTiy
émeméd .

AdVo pag evdsian of AB, I'd vepvérweoy alijiag
xave ©0 E oqusiov: Afyw, 6w of AB, T'd év évi
slow éminéde, xal wdv Tolyevoy év &vi dory émmédp.

Elljgpdeo yag éxl tov EI', EB wvyovia cenusie
t¢ Z, H, el énelevydmcay of I'B, ZH, xal dujydo-
dov of Z®, HK* iéyw modtov, 8r. vo EI'B zoi-
yovov v évi dotw Emmédp. & pdo dote trov EI'B
Touyavov uégog Hror 6 ZOI' 9 o HBK év v¢ vmo-
xeluéve [dmmédp), ©o 0% Aowmov év &liw, Eorar xol
b vov EI'y, EB e¢bdadv uégog uév wo év v vmo-
xetpdve mmédo, ©o 0% dv dAdp. & O Tov EI'B
roupavov ©0 ZI'BH pégos 7 &v i Umoxsiudve éme-
néde, ©0 0% Aowmdv dv &Ade, Eorae xel auporéomy Thv
ET, EB :09adv pégog pév o év t6) vwoxsiuévey émi-
nédw, 10 0% dv dAdp' Gmeo &vomov elydn. 0 dou
ET'B volyovqy év &l donv émnédp. é&v ¢ 04 éom
t0 EI'B tolyovov, év tovte xal fxatépe vev ET,
EB, &v ¢ 0t énarége tvdv EI'y, EB, év tovre xal of
AB, I'd. of AB, I'd &po e0®eiou v vl slow émi-
nédp, xel mwEv volyovov $v évi derww émiméde: Gmeg
& e detkar.

1. 26 0¢] Pb, péeos 04 1o BFV. ] v 14 F. 7. ai]
om. F. 10. ET, EB] in ras. V. 11. ['B] corr. in BI' V,
12. ET'B] litt. Bin ras. m. 1 P; EBI'B. " 14. ZI'® P.
v — 15. éllo] om. b, mg. m. 1 V, 15. émimédp) om. P.
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plano subiacenti, pars autem in eleuatiore; quod erat

demonstrandum.
1I.

Si duae rectae inter se secant, in eodem plano
sunt, et omnis triangulus in eodem plano est.

Nam duae rectae 4B, I'd inter se secent in
puncto E. dico, rectas 4B, I'd in eodem plano
esse, et omnem triangulum in eodem plano esse.

sumantur enim in EI, EB quaelibet puncta Z,
H, et ducantur I'B, ZH et eas secantes Z6®, HK.
dico primum, triangulum EI'B in eodem plano esse.

nam si pars trianguli EI'B uel ZOI"

44 yel HBK in subiacenti est, reliquum

% autem in alio, etiam rectarum EI', EB

Z4-\H  pars in plano subiacenti, pars autem in

ok % alio erit. sin trianguli EI'B pars, quae

est ZI'BH, in plano subiacenti est, re-
liguum autem in alio, etiam utriusque rectae EI,
EB pars in subiacenti plano erit, pars autem in alio;
quod demonstrauimus absurdum esse [prop. I]. ergo
triangulus EI'B in eodem plano est. in quo autem
est triangulus EI'B, in eo est etiam utraque ET,
EB, in quo uero utraque EI, EB, in eo etiam 4B,
I'd sunt [prop. I]. ergo rectae 4B, I'd in eodem
plano sunt, et omnis triangulus in eodem plano est;

quod erat demonstrandum.

II. Galen. III. p. 830.

16. EB] I'B ¢. 18. 'ZBH V. 7] P, eip BFVD,
domiv bene August.  19. &vox] elp &v F.  20. EB, EI'F.
21. aelloe B, 22. EI'B] litt. I'B in ras. V, EB”"I"b.
93, ET'B] litt. I'B in ras. V, EB"I" b,  24. EB, EI' Vb.

25. evdsie o (non F). 27, dsiket] :~~ F.
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’

.

’Eev 0vVo émimeda tépvy &iinie, B xoLvy
adTdv Toun evdeid é6Tiv.

Avo pae émimeda ta AB, BI reuvéte aidygie,

5 xowvy, 0% avrdv tousy fetw n AB peauur Adyw, Ot
5 AB yeapun £09¢id doTw.

Ei yap wij, émstevyfe dmo tov A émi ©0 B v
ptv v9 AB édmnédp 09siw ) AEB, dv 0t tg BI
éminédo evdsia §) AZB. ¥6var Oy 0Vo eOdedv THV

10 AEB, AZB 7e avra mépara, xal mseiéfover Oniady
qoglov’ §meg dromov. otk dgo af AEB, AZ B ebvdeial
elow. Gpolwg On Osibopev, Ors o00F &AAY wig dmd
toU 4 éml ©0 B émifevpvvudvy ebdsin dovaw mAny vijs
4B xowvijg toudic tov AB, BI' émnédev.

15 ’Eav dga o émimede véuvy &Aldnie, 1 xown adrdy
Toun evdela teriv: Gmep #0er Osibou.

d'.

Eov e0dsia 0V0 s0deloig Tepvovoutg ali-
Aag moog O@Pag Eml tig xowvig Touns émi-

20 oradf, %al vH 0. avidy imimédw medg dpdag
éoTae.

Ed9sie pog tig § EZ dvo ebdeloung valy AB, I'4
Teuvoveals alijieg reta vO E enusiov amd vov E
nodg Spdas épeordre’ Adpw, St v EZ xal t¢ dia

26 v AB, I'd émnédon mods 9ddg omiv.

8. %6t V,comp. b, 4. BI'lI'a F. zepvérwoay BFVD.
7.%6) vo% . 9. foran 07] Eorw piv f @,  10. megébovorw
PV, et B, sed corr.; F hic legi uix potest. 12. 97) &8¢ Pb.
098’ Vb, 13. %0u F. 16. éotey 5 4B F. 18. éov
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III.
Si duo plana inter se secant, communis eorum
sectio recta est. '
Nam duo plana 4B, BI inter se secent, et com-
munis eorum sectio sit linea 4B. dico, lineam 4B
rectam esse.
pam' si minus, ab o ad B in plano 4B ducatur
recta 4EB, in plano autem BI recta 4ZB. itaque
duarum rectarum AEB, A4ZB iidem
termini erunf, et ita spatium compre-
[ & hendent; quod absurdum est. quare 4 EB,
(A AZB rectae non sunt. similiter demon-
/4 strabimus, ne aliam quidem ullam a 4
I vad B ductam rectam esse praeter 4B
communem sectionem planorum 4B, BI.
Ergo si duo plana inter se secant, communis eorum
sectio recta est; quod erat demonstrandum.

B

IV.
Si recta ad duas rectas inter se secantes in com-
muni sectione perpendicularis

A erecta erit, etiam ad planum
/A r earum perpendicularis erit.
H 7> e Nam recta EZ ad duas
L ) B rectas 4B, I'4 inter se in

puncto E secantes ab E per-
pendicularis erecta sit. dico, EZ etiam ad planum
rectarum 4B, I'd perpendicularem esse.

— 19. 6¢Pdg] in ras. V. 20. avtév F, sed corr. 22, gd-
Delag tog b~ 28. truvovoag b.  25. zow] zhHe b, corr. m, 1.




10

15

20

25

14 STOIXEIQN 1a’.

‘Aneidipdocay yag of AE, EB, T'E, EA lou
dAdAarg, %l Suviyde g Oux Tov E, ag frvyev, 4
HE®, xoal énelevydoeev of A4, I'B, xol ¥ru dmod
Tvydvrog vov Z émelevydweay of ZA, ZH, Zd, ZT,
ZO, ZB. xal éwsi 0o of AE, EA dvel taig I'E,
EB i6aw &lol xal yoviag l6ag megiégovawy, Pdeig doa
17 Ad Baes vf] I'B lon éorviv, xal 10 AEA tolyovor
v I'EB toiyave leov Sorar dere xel yovie 5 vmo
AAE yovig tfj vwd EBI ion [foviv]. ¥eru 0% xol
5 w0 AEH povie tf] 20 BE® i6y. 0vo Oy tol-
yova é6t o AHE, BE® vag dvo yoviag dvel yw-
viewg leag Eyovva Enavégav Snardoq wal ploy wievodv
& mieved iemy Ty meog taig leug yoving iy AE
] EB' nal vag Aowwds &oa mAsvgag teils Aouwais
nlevguis loag EEovew. loy dgo % utv HE 5 EO,
% 0% AH tfj BO. xal imsl loy éoviv ) AE =fj EB,
xowwy) 0% xal medg dedag % ZE, Pdeig dea % Z.A
Becer vfj ZB dovev ian. O ve avre Of xel ) ZIT
tj ZA éovww lon. xel émel loy éovlv 7 Ad ©f I'B,
v, 0t %ol ) ZA tf} ZB loy, 0Vo Oy ol ZA, AA
dvel zaig ZB, BI' oo clolv éxaréga émarépq: xol
Beowg ) ZA Bace tf) ZI' 80siydn loy’ xal yovie doa
B Umd ZAd yovie v Owd ZBI ley éeviv. xal
tmel midw E0eiydn n AH vfj BO ioy, dida wiv xal
n ZA4 fj ZB len, 0Vo 0y af ZA, AH dvel zaig
ZB, BO leov slolv. nel yovia ) vwd ZAH &sl-
19 lon =5 vmé ZBO: fdeig koo 7 ZH Pdee v

3. HEO]E@F, et Vm. 1, corr. m.2; Eeras. B.  of — 4.
énsgsvxﬁwm;w] postea ins. m. 1P. 5 EJ] corr. ex EBm. 2F.

6. meguégovor FVb. 7. BCF. dotiv] comp. Fh, elotv
V. 8 rgjcor. ext6m 1 F  zoyéve] om. BFVb.
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abscindantur enim A E, EB, I'E, EA inter se
aequales, et per E quaelibet recta HE® ducatur, et
ducantur 44, I'B, et praeterea a quolibet puncto Z
ducantur ZA4, ZH, Z4, ZI'y Z@®, ZB. et quoniam
duae rectae 4E, E4 duabus I'E, EB aequales sunt
et aequales angulos comprehendunt [I, 15], basis 44
basi I'B aequalis est, et triangulus 4E4 triangulo
T'EB aequalis [I, 4]. quare etiam [ 44E = EBI’
[id]. uerum etiam [ 4EH = BE® [I, 15]. itaque
duo trianguli sunt #HE, BE® duos angulos duobus
angulis alterum alteri aequalem habentes et unum
latus uni lateri aequale, quod ad angulos aequales
positum est, 4E = EB. itaque etiam reliqua latera
reliquis lateribus aequalia habebunt [I, 26]. quare
HE=E®, AH = BO. et quoniam AE = EB, et
ZE communis est et perpendicularis, erit Z4 = ZB
[I, 4]. eadem de causa erit etiam ZI'=Z 4. et
quoniam A4 A =1IB et ZA4 = ZB, duo latera Z A,
A4 duobus lateribus ZB, BI alterum alteri aequalia
sunt; et demonstratum est, esse Z4 = ZI' erit igitur
etiam [ ZAd = ZBI [I, 8]. et quoniam rursus de-
monstratum est, esse 4H = B0, et est Z4 = ZB,
duo latera Z 4, 4H duobus ZB, B® aequalia sunt;
et demonstratum est, esse [ ZAH = ZB®. itaque
ZH= 1706 [1, 4]. et quoniam rursus demonstratum

5. éoziv) om. P, 11. éon] eloe FV, 12, #ovrag .
13. wjp] ta? V. zag loes Vb. yovieg be. 14. 7] supra
scr. m. 1 b, 17. ZA4] 4 in ras. B. 20. #oziv B, Adg A4 e

corr. V. 23. %] m.2F. Ante ZAJ eras. ziv F. otiy
26. sloty

tomp. b, dov/ P.,” 25, Z4] (alt.) 4 e corr, m. 1 F.
comp. F, eloe Vb. ZAH] corr, ex ZAB m. 1 b. 27.ZB6]
Becorr. m.1 F. &l om. V. ZH] H'Z b.
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Z0 Zorwv loy. noi émel madw o E0elydn 7 HE 5
E®, xowwy 0t v EZ, 0Yo 0% of HE, EZ Jvel 1aig
@E, EZ oo elolv xal Bacig 1 ZH Pdos 7 2O
fon: povie &oa 4 vno HEZ yovig v vwd OEZ
loy dotiv. 0p97) Hoa éxavépa iy vwd HEZ, OEZ
yovidv., % ZE doa mpog iy HO ruydviwg dix tov
E dydsicay 0o domv. Ompolwg 01) Osifopsv, btv 4
ZE nol medg mdoeg tag amrousveg vty evdslug xal
oteag v 1@ vmoxepbve fmimidp OpPdag moumee po-
vieg. eOdele 0 medg émimedov Oodj doTiv, Orav
medg TaGog TG GRTOUEveg aUTig svdeleg nal ol6ag
v 16 avrg fminédp dedag moi yovieg 7 ZE dow
T6 Unoxepive mmidp meds Spddg deriv. O 0% vmo-
xelpevov énimeddv éori 10 0o 1oy AB, I'd e0dadv.
% ZE doa meog 6pdcg éott tH O twv AB, I'Ad
EmmEdp.

‘Ecev &ga evdeia 0vo s0deious vepvovoawg didfies
meog b¢dag éml tijg xowijs voudg émerady, xel T
00’ avrav émméde medg dpdag Eovar Gmeg é0s1 deitar

’

&

‘Eav svdsta rvoiolv evdelaig amvopdvars
aldijdov medg dpdag énl vijg xowvijg Touts miL-
6Tad7, ai toeis svdeiar v évi elowv émimédo.

Ev9eie pip tig %) AB toiely ed9elaug veis BT,
B4, BE mgog bodag énl wijg nave to B agijs épe-
6rdrw” Adyw, 6ve of B, B4, BE év évi elow émi-
néde.

3. elotv] comp. F. 5. &erww loy BFV. 6.9 dia b.

7. aydsice Fh, 04] om. F. 8. adrijg] corr. ex adrj m.
1 B. 9. ©6] ©6 avrg F, sed corr, 11, medg] ins. m.
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est, esse HE == E®, et ZE communis est, duo latera
HE, EZ duobus ®E, EZ aequalia sunt; et ZH = Z@.
itaque [/ HEZ = ®EZ [1, 8]. itaque uterque angulus
HEZ, OEZ rectus est [I def. 10]. ergo ZE ad
- rectam H® fortuito per E ductam perpendicularis est.
iam eodem modo demonstrabimus, Z E ad omnes rectas
eam tangentes et in plano subiacenti positas rectos
efficere angulos. recta antem ad planum perpendicu-
laris est, ubi ad omnes rectas eam tangentes et in
eodem plano ductas rectos angulos efficit [def. 3].
itaque ZE ad planum subiacens perpendicularis est.
subiacens autem planum id est, quod per rectas 4B,
I'4 ductum est. itaque ZE ad planum rectarum 4B,
I'd perpendicularis est.

Ergo si recta ad duas rectas inter se secantes in
communi sectione perpendicularis erecta erit, etiam ad
planum earum perpendicularis erit; quod erat demon-

strandum.

V.
Si recta ad tres rectas inter se tangentes in com-
muni sectione perpendicularis erecta erit, fres illae

rectae in eodem plano sunt. i
Nam recta 4B ad tres rectas BI', B4, BE in

puncto sectionis B perpendicularis erecta sit. dico,
rectas BI', B4, BE in eodem plano esse.

2 F. avrijg] corr. ex adri m. 1 B. 12. ] éxnl o.
oz'ézr[)] om, V, wousi P, 18, év ¢ B. d6uv] comp.
b, fom P. 14. zéw] bis V, sed corr. 15. I'd e99sioov
Vb, 16, émméder b.” 17. eb8sic ddo sd@sloug] p sv99 F,
dvo — 19, deifou] nel To égfc B. 17. zepvovoais — 19,
{osau] nal 1o EEijs F. 19. fomy Vh. Omeg #0s dsifou]

comp. . 26, dpeordre] corr. ex dosovdzw m. rec. P.

Euclides, edd. Heiberg et Menge. IV. 2
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My pdo, dAl & Odvvardv, Eerwcav of piv BA,
BE & tve vmoxeaipive émnidp, 1 0 BI év peven-
potéow, xol xfefliodw vo dik tdv 4B, BI' éni-
medov: xowny O0f Touny monjoe v t6 Vmoxsufve
émméde evdeiav. mwowslto v BZ. v vl doo
eloly émnédp e dmyuéve Oa thov 4B, BI' of vosis
svdeion af AB, BI', BZ. xal émel 1) AB 991 done
7p0g éneréoay tov BA, BE, xel ¢ 0ux vév B4, BE
doa émnédp 0991 dovww § AB. o 0% i vév B,
BE énimedov 16 vmoxelpeviv éemv: ) AB dpa S
3611 meds TO Umomelpevov Emimsdov. dovE xed mEOg
waoeg Tog amToudvas avrig svdeleg xel ovowg v TH
vmoneuéve Emimédp JOpdag moujes pwvieg N AB.
dnvevow 0% avriis ) BZ oven dv ve vmoxeipéve émi-
nédo 7 oo vmd ABZ yavia dpd1) EeTiv. Vmlrsivar
0% %ol ) vn6 ABI Sg®j- lom dga 7 tvmd ABZ yo-
vie ©j vn0 ABI. xal slow &v évl émnédp" Smwep
dotly ddvvarov. ovx doa §) BI' s0dsia év perzwgo-
téoe doriv émméde: of Toels oo svdsiar of BI, B,
BE év év( elow Emmédop.

Eav dga s09ele touoly evdslong anvoudvarg diij-
iov énl wijg &g moog dodas émeradi, of vesis
sOdetar v vl elow dmwdde: Omep E0e Osifou.

s’

‘Eav 0vo &v8slar © adrd émumédp moos

do®ag deLy, wegdlinio é'o'o'utm ol gvdeiac.

1. BdJecorr.m.1b. 2 4 ¢ — 5. eddsiov] mg. m. 1V,
in textu ras. est. 2. peredop V. 8. nel] xal o b, 4. 87]
postea ins. F. 5. xel eb8eioy b, et B, corr. m. 2; nel (com%)
Ins. m. 1 F.  =zoujre ¢. eloly &oo b. 1. domw P; forou
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ne sint enim, uerum, si fieri potest, B4, BE in
plano subiacenti sint, BI" autem in eleuatiore, et pro-

ducatur planum per AB BI. communem igitur sectio-
nem in plano subiacenti rectam

efficiet [prop. III]. efficiat BZ.
itaque tres rectae 4B, BI', BZ in
eodem plano sunt, quod per 4B,
BI’ ducitur. et quoniam 4B ad
utramque B4, B E perpendicularis
est, etiam ad planpum rectarum B 4,
BE perpendicularis est 4B [prop. IV]. planum autem
rectarum B4, BE subiacens est; 4B igitur ad pla-
num subiacens perpendicularis est. quare etiam ad om-
nes rectas eam tangentes et in subiacenti plano po-
sitas rectos angulos efficiet 4B [def. 3]. tangit autem
eam BZ in subiacenti plano posita. itaque [ ABZ
rectus est. supposuimus autem, etiam [ 4 BI" rectum
esse. erit igitur /| ABZ = ABI. et in eodem plano
sunt; quod fieri non potest. itaque recta BI” in plano
elevatiore posita non est; itaque tres rectae BI, B4,

BE in eodem plano sunt.
Ergo si recta ad tres rectas inter se tangentes in

puncto tactionis perpendicularis erecta erit, tres illae
rectae in eodem plano sunt; quod erat demonstrandum.

VI
Si duae rectae ad idem planum perpendiculares
sunt, rectae parallelae erunt.

torr. m. 1. 8. BA] (alt.) B in ras, m. 1 B. 9 &oe] prius
inres, m, 1 P. 10. 4B] B”"4'F. 12 cwtmb 19. BI']
corr. ex ABV; AB supra écr. 'm. 1 b.  26. doe PV,

o*
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Avo yep evdetar of AB, I'd ve Umoxsiuéve émi-
nwédp meds SoPag éorwoav: Adywm, Ori magdiinidg
dovwv 7 AB ©f) I'4.

Svuferiézocay yeg 6 Dmoxsiuive mméde xove
tva B, 4 onueia, xal énstevydo § BA e0dsia, xol
780 ©fj Bd meds 6odag &v vH vmoxeudve ‘mmwédo
7 AE, el xel6®eo tfj AB iog 7 AE, xal énstevydo-
6av af BE, AE, A4.

Kol émel 7 AB d0®1] dove mpos T0 Umoxslusvov
émimedov, xal mweds macag [doe] Tag dmropdvag adrijg
e0Belng xal ovows v TH vVmoxepive imméde dodag
mouj6er yovieg. amvetar 0 tig AB éxardpe TRV
B4, BE ovee év 16 dmoxeudvy émiméde: Sodn dou
dotly éxaripe v Um0 ABA, ABE yovidv. ik ta
avre 00 xel éxevépn vov vmo I'AB, I' AE 399 donwy.
xel énel lom éotlv v AB vij AE, xown 0% 3 Bd,
0vo 01 of AB, B4 dvel vaig EA, 4B isar siciy:
xol poviag 69dag weoiéyoveww” fdeig doa 1 A Poce
t)j BE dotwv lon. xel énel loq dotlv %) AB ©fj AE,
dAde nel § Ad vy BE, 0o 0y ol AB, BE dvel

‘vaig EAd, 44 l6on elolv: xal Bdoig abrdy xown 3

25

AE' yovie dgo 7 vnd ABE yovie tfj vno EAA
dorv loy. OJedy 0t 1) vmé ABE- 8997 dea xal 3
tmd EdA" 7 EA dga medg v A4 981 éotv.
dote 0t %ol moelg énarépav tov BA, AL dodj. # Ed
doa toioly e0deloug taic BA, 44, AT meds dodag
1. of] supram.rec.P. 4. ovufelitwcay P (cvpmnrizocay
supra ser. m, rec.) et supraser. 4 V. 5. BJ) corr.ex Bm. 2 B.
6. 7] 76 adre P. 9. éoztv F.  10. doa] om. P. 12, Ante tév
ras. ¢ litt. V, zfjgtév b.  13. 006 F.  16.7ff — B4l mg.m. 1P.

17. zaic] miro comp. F, ut lin. 21. &6/ Vb, comp. supra scr. ¢.
18. naf] comp. supra scr.g. megiégovar BVb  4.4] corr. ex
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Nam duae rectae 4B, I'd ad planum subiacens
perpendiculares sint. dico, 4B rectae I'd paralle-

lam esse.
concurrant enim cum plano sub-

r ! iacenti in punctis B, 4, et duca-
1 " tur recta B4, et ad rectam Bo
perpendicularis in plano subiacenti

ducatur 4 E, et ponatur

"/ 4B = AE,

et ducantur BE, AE, AAd.

et quoniam 4B ad planum subiacens perpendicu-
laris est, etiam ad omnes rectas eam tangentes et in
plano subiacenti positas rectos angulos efficiet [def. 3].
uerum utraque B4, BE in plano subiacenti positae
rectam 4B tangunt; itaque uterque angulus 4B A,
ABE rectus est. eadem de causa etiam uterque angu-
los 'dB, I'4E rectus est. et quoniam 4B = AE,
et B4 communis est, duo latera 4B, B4 duobus
EAd, 4B aequalia sunt; et aequales angulos compre-
hendunt. itaque 44 = BE [I, 4]. et quoniam 4B
=AdE, et 44 = BE, duo latera 4B, BE duobus
Ed4, 44 aequalia sunt; et basis eorum communis
est 4E. itaque [ ABE = EAA(], 8]. verum [ ABE
rectus est; quare etiam | EAJ A rectus est. itaque
Ed4 ad 4.4 perpendicularis est. sed etiam ad utram-
que Bd, AT perpendicularis est. itaque E4 ad tres
rectas B4, 4.4, AT perpendicularis in puncto tactio-

ABm.1b, 19, lon éoriv V. 21. elol Vb, comp, F. 23, ioy
fotiv Vb, 4] (prius) ins. m.2F. 24.t6v E4AP. 25. &ou)
supra scr. comp. m. 1 F. Sequentia usque ad p. 22, 5: éme-
nédw in ras. V.  8gd7] corr. ex oftp m. rec.
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mi tijg aije dpéaryrey: of Tosig doo ebdeios of B,
A4, AT év évl slow émnidp. év ¢ O of 4B,
44, & vovro xal § AB miv peg volyeovov &v évi
dotv émmédo of &ga AB, Bd, AT ebdsion év évi

sloww émnédw. xel fomwv o9y e’xaze’ga ToY RO
ABAd, BAT yoviIdY* mxgaunlog dgo éovlv 1 AB
wy I'4.

‘Edv dgo 0V0 e0deion Te) avrg Emmide moog o@das
w6, megdiinio daovrar af svdeion” Gmeg 05 Ositor.

§.

Eev @6t 0vo &0dsler magaidnlor, An@d
0t 89’ éxarégpas avtav Tvydvra onusia, 7 éxl
o onueia Emibevyvvpdvy evdsia v tg avrd
éminédo éotl rais magaliniors.

"Eeraeay 0vo svdeior magdiinior of AB, I'd,
wel elljpdo ép’ éxatégag avTdV TURdvTe Onusia va
E, Z* 1éyw, Ot 5 énl ta E, Z onusia émlsvpvvudvy
evdsia v v avrg émiméde dotl taly megalidjios.

My pdo, aid’ & Ovvarov, &ote év perewmgoriom
dg 7 EHZ, xel Ouvjydw O vijs EHZ émimedov vo-
uny 0N moujes, v e UVmoxeluive Imiméde svdeiav.
wotelrw wg vy EZ 0YVo doa e0dsiow of EHZ, EZ
qoelov megiéfovey: Gmeg dotly advvarov. obx dga 7
and o E émd v0 Z émifevpvuudvy edfcie v pevew-
gotépm éorly dmmidp” v to Oua tov AB, I'd doe

2. & ¢ — b. dmnédp] om. b. 2 4B, dA] 44, 4B P;
Bd, 44, dT'F. 6,B4T'] Binras. V; PAB P. aga] corY.
exam 2P 8 éazmsd‘m om. V. 9, g Vb. alirjdas
af V, 11. dowv B. 18 adri] supra m. 2 B, 17. iéym
— E,Z] mg. m. 1 F. onusia] om, V., 20. %] ¢, «f? F.

d‘m] ©0 3 BF, 76 supra scr. V. 21, dmnédp] mg. V.




ELEMENTORUM LIBER XI. 23

nis erecta est; quare tres rectae B4, 44, 4T in
eodem plano sunt [prop. V]. in quo autem plano
sunt 4B, 44, in eodem est etiam 4B; omnis enim
triangulus in eodem plano est [prop. II]. itaque rectae
AB, BA, AT in eodem plano sunt. et uterque angulus
ABd, BAT rectus est. itaque 4B rectae I"d par-
allela est [I, 28].

Ergo si duae rectae ad idem planum perpendicu-
lares sunt, rectae parallelae erunt; quod erat demon-

strandum.
VIL

Si duae rectae parallelae sunt, et in utraque quae-
libet puncta sumuntur, recta puncta coniungens in

eodem plano est, in quo parallelae.
Sint duae rectae parallelae

4 X 2 AB, I'4, et in utraque quaeli-
bet puncta sumantur E, Z. dico,
rectam puncta E, Z coniungen-
tem in eodem plano esse, in quo
sint rectae parallelae.

ne sit enim, sed, si fieri potest, in eleuatiore sit ut
EHZ, et per EHZ planum ducatur. itague in plano
subiacenti sectionem efficiet rectam [prop. III]. efficiat
EZ. ergo duae rectae EHZ, EZ spatium compre-
hendent; quod fieri non potest. itaque recta E, Z con-
iungens in plano eleuatiore non est. ergo recta E, Z
coniungens in plano parallelarum 4B, I'A est.

H

r Z

22. dg] supra scr. m. 1 B, om. FVbh. EHZ] HZ V.
28. ar;gtézovow Vb dévvaror] mg. V. 26. dou«] supra
ser,
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nogadifiov otly émndde % émo voi E éml vo Z
émiGevyvopdvy evdela.

‘Eav dge a6 Vo ev@sion mogdiinhos, Anpdf O}
ip’ éxardoag avrav Tuydvre enusic, 3 énl te enucic
émibevpvopdvy ebdeia v vp avrd émmide fotl rals
wegadirfiotg: Omeg £0& Osifou.

’

7’

Eav &6t 0vo e0d:ler mapdidnior, 7 0%
fvdga avrdv émiméde Tivl medg SoPag 7, xal
N Aoty T6 avre émiméde meog dpFag EoTar.

"Estwday 0vo evdelar mageAinior af AB, I'd,
n 0% fvdoe avvadv 1) AB vH vmoxsipdve Emiméde
npog dodag fovw Aéyw, Ot xal 3 Aowmy 7 I'd ©
avte émmédep medg SoPag Fovau.

Zvppairéracey yag of AB, I'd ve vmoxsipevep
tmméde xave e B, 4 enusie, xal inslevydw § BA*
of AB, I'd, BA é&oo év évl elow émnéde. 7yde
v} BA moog 00¢Pds év v vmoxapdve émmédp 5 AE,
xel xelodw tf) AB log 7 AE, xel énelevydocav of
BE, AE, Ad. xal éwel 7§ AB So81 éove mpodg 70
vmoxelpsvoy éninedov, xal mpds maowg &oo TG dmTO-
uévag avtilg svdelug xal obens év ¢ Umoxsiusve émi-
nédp mpog deddg doviv ) AB: dpdn doa [éovlv] éxa-
tépe 1@y Um0 ABA, ABE poviév. xel émel &g
nogadiflovg vag AB, I' 4 eb9¢cie dunménransy 9 B,
ol dpe vwd ABA, I'4dB paview dvely dodais oot
elolv. 0097 0% 9 vmé ABA S99 dgo xel 7 VWO
I'4B* 7 I'd é&ga meds v BA b8t éonwv. nel

3. dow PB. 8. wow PB. 7 8flgat s V. 9 q]
om. V.  10. moog deBag forar 16 adrd émmédp b,  12. Ante




ELEMENTORUM LIBER XI. 25

Ergo si duae rectae parallelae sunt, et in utra-
que quaelibet puncta sumuntur, recta puncta con-
iungens in eodem plano est, in quo parallelae; quod
erat demonstrandum.

VIIIL
Si duae rectae parallelae sunt, et alterutra ad pla-
num aliquod perpendicularis est, etiam reliqua ad idem
4 r planum perpendicularis erit.
Sint duae rectae parallelae 4B,
I'4, et alterutra earum 4B ad pla-
num sobiacens perpendicularis sit.
dico, etiam reliquam I'4 ad idem
planum perpendicularem fore.
concurrant enim 4B, I'4d cum
plano subiacenti in punctis B, 4,
£ et ducatur B4. itaque 4B, I'd,
B4 in eodem plano sunt [prop. VII]. ad B4 in
plano subiacenti perpendicularis ducatur JE, et po-
nator JE = 4B, et ducantur BE, AE, AAd. et
quoniam A B ad planum subiacens perpendicularis est,
etiam ad omnes rectas eam tangentes et in plano
subiacenti positas perpendicularis est 4B [def. 3].
rectus igitur uterque angulus 4B 4, ABE. et
quoniam in parallelas 4B, I'd recta incidit B4,
anguli 4BA, I' 4B duobus rectis aequales sunt [I,
29]. uerum [ 4B A rectus est; quare etiam [ I'4B
rectus est. quare I'd ad B perpendicularis est.
émnédo m. 1del. v P. 13 el §] F, & @o. 17. I'd] 4
corr, ex B m. rec. B. 20. AE] 4E 9. domwv P.  28. meog

6gdds] detj BFV. dozty] (alt.) om. P. 25. eddeleg V.
26. yoviu] F, yovie ¢.
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émel lon éoviv  AB 5 AE, xown 0% 5§ BA, dvo
oy of AB, BA dvol vaig EA, AB loar &lolv: xal
yovie 5 vml ABA yovie vfj vné EAB loy: ooy
yog Exavéga Pdewg dga 7 AAd Pdes vj BE lon.
5 xel émel lom Zotlv 1 uiv AB vf] JE, v 0% BE vj
Ad, 0Yo 0 of AB, BE Odvel vaig EA, A4 loa
eloly Suarion énavége., el Pooig avrdy xowsy 1 AE
yovie Gge n Ym0 ABE yevig vf vmo EAA éovw
lon. 699y 0t 7 Uwd ABE° 6997 & xal 7 vmo
10 Ed A4 § EA &ga mweog thy Ad 6pd1 éevw. Eom
0% xal meds iy AB S9d9f* 5 EA &pa xal e Ou
oy Bd, 44 émnédp 609 éotiv. xal modg mdoag
dgo tag amropdveg avris evdelog xol oldag v vH
0ie v BAA émmédp b9dag moujost yavieg v EA.
16 év 0t t O Ty BAA émnméde éovlv n AT, éme-
djmep &v t Owe vy BAA dmnédp elolv of AB,
B4, v ¢ 0t ol AB, B4, v rovve dorl xal ) AT.
5 Ed éga ©fj AT meds beddg éetiv: deve xel vy I'd
vfj AE moog d9deg Eovwv. &ovy 0t xal ) I'd vfj B4
20 wpog O0pddg. ) I'd #go Vo eddelaug Teuvovomug di-
Mlag taic AE, AB dnd viig xere v0 A4 rouds meos
dpdag épiovnuey’ dove 5 I'd ol ¢ dwe tev AE,
4B émnéde meds Spdcg dotiw. 1o 0% dix tov AE,
AB éninedov to vmoxsipevov dovww' N I'Ad doo té
25 vmoxslubve émimédp medg 9ddg EeTiv.
‘Eay dge 6L 0vo svdelow magdiindor, % 0 pla
2. 4B] B4 b. gle/ Vb, comp. F. 4, oty lon BVD.
7. éxavége] supra scr. F. 7] supra ser. m, 1 V,
8. E44] Bd seq, ras. 1 lith. ¢. .ami‘] supra scr.m.1F.
9. 897 — ABE]) in ras. plurium litt, F. 10. Ad) 44 P.

11, 4B] in ras. V. 12, dors V, comp. Fb. 14 BA4]
P; 44, 4B B; B4, AB b et in ras. FV.. 4EP. 15. Bd,




ELEMENTORUM LIBER XI. 27

et quoniam 4B = 4E, et B4 communis est, duo
latera 4B, B4 duobus E4, 4B aequalia sunt; et
L ABAd = EAB (uterque enim rectus est); itaque
Ad = BE [I, 4]. et quoniam 4B = AJE, et BE
=AA, duo latera 4B, BE duobus Ed, 4.4 aequalia
sunt; et basis eorum communis est 4 E; itaque [ ABE
=FEdA4 [I, 8. verum [ ABE rectus est; itaque
etiam [ EAA4 rectus est; ergo E4 ad A4 perpen-
dicularis est. werum etiam ad 4B perpendicularis est.
E4 igitur etiam ad planum rectarum B4, 4.4 per-
pendicularis est [prop. IV]. quare etiam ad omnes
rectas eam tangentes et in plano rectarum B4, 4.4
positas rectos angulos efficiet E4. in plano autem
rectarum B, 4.4 posita est 4I', quoniam 4B, B4
in plano rectarum B, 4.4 sunt [prop. II], in quo
autem plano sunt 4B, B4, in eodem etiam AI" po-
sita est. itaque E4 ad AI" perpendicularis est; quare
eiam I'd ad AE perpendicularis est. uerum I'A
etiam ad B4 perpendicularis est. I'4 igitur ad duas
rectas inter se secantes 4E, 4B in sectione 4 per-
pendicularis erecta est; quare I'd etiam ad planum
rectarum A4 E, 4B perpendicularis est [prop. IV].
uerum planum rectarum 4 E, 4 B subiacens est. ita-
que I'd ad planum subiacens perpendicularis est.
Ergo si duae rectae parallelae sunt, et alterutra
ad planum aliquod perpendicularis est, etiam reliqua

44 BFb, in ras. V. 17.4T) T'd b. 18. 4TI in ras.
m, 1 PV, 19. ¢jj — I'4] bis P, corr. m, 1. %el] om.
P 2] el = P B4] 4B F. . 20. diljlas b,
corr, m, 1, 21, 4B] in ras, V. 22, 5] %al § V.
23. 4B] 4E b. 24. dwonelusvéy dowv] in ras.

oo PB,

26.
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adrov dmméde Twi meog Seddg 77, xel % Aowwy vH
avrd Emmédp meds SgPdg fover Omeg e Osifo.

. -

9.

Al ©fj adrf e0dele wapddinior xal piy 0v-
o6ar vty v vl avre Emiméde xal aliqles
elel wagddinio.. :

"Eoto pag éxovéon tiv AB, I'd vjj EZ mogdh-
Andog u1 ovear avtii dv vH edrg dmmwéde: Adyw, Gn
nogddlnidg dotv. 1) AB ©jj I'4.

Eiljpde poo éml vig EZ wvyov enusiov v H,
xol an avtov v EZ év plv vp O vev EZ, AB
émmédp meog dodas Fydw 7 HO, év 0% v O Tdv
ZE,I'd tfj EZ mdiw mgog Sedig fixdw % HK. xal
dnel ) EZ moog énavéoav vav HO, HK 994 éoruv,
n EZ &ga xal 16 dwe tov HO, HK émiméde mods
Ooddg éotwv. wwl éoniv §) EZ tfj AB mepdiiniog
xal 7 AB &oa t¢ e vy OHK émmédo mpog do-
Bag forw. O T adre O wol § ['d ¢ il tdv
OHK ‘émnédp moos OpBdg demv: énavépe doa tdv
AB, I'd t3 O vév @HK Zmnédo mgos Joddg
dotwv. éav O Vo evdeine TH avrd mwide moog
SpBag oo, mupdiiniol slew af sdPeion’ megadinlog
dpa éotlv 7 AB tfj I'd" omep #0es Oeibou.

1. 7] dovv @, supra scr. 4. 2. forai] domy BFV,
6. elotv P. 7. ydg] y corr. ex » m. rec. B. mogdlinlog of
EZ V. =nagalinlor B. 9. AT V. 10. Post tvydr ras, 2
litt. V. 12, %] supra m. 1 P. 13. ZE] in ras. V.
HK] NK F, H post ins. V. 14. 7} of F. 15, HO] @
b supra scr. m. 1; litt. H postea ins. m. 1 BF. 16. éomuw]
comp. Fb, f6ze PV. xal — 18. dotv] mg. m, 2 B.
17. gga] om. P. 19, éxarége — 21. domy] mg. m, 1 in ras.




ELEMENTORUM LIBER XI. 29

ad idem planum perpendicularis erit; qﬁod erat de-

monstrandun.
IX.

Quae eidem rectae parallelae sunt, etiam siin eodem
plano non sunt, etiam inter se parallelae sunt.
B @ A Nam utraque 4B, I'd
rectae EZ parallela sit, non
Z_H £ positae in eodem plano. dico,

\ AB rectae I'd parallelam
4 K L egse.

sumatur enim in EZ quoduis punctum H, et ab
eo ad rectam EZ perpendicularis ducatur in plano EZ,
AB rectarnm H®, in plano autem ZE, I' 4 rectarum
ad EZ rursus perpendicularis ducatur HK. et quoniam
EZ ad utramque H®, HK perpendicularis est, EZ
etiam ad planum rectarum H®, HK perpendicularis
est [prop. IV]. et EZ rectae 4B parallela est. ita-
que etiam 4B ad planum rectarum ® H, HK perpen-
dicularis est [prop. VIII]. eadem de causa etiam I'A
ad planum rectarum @H, HK perpendicularis est;
quare utraque 4B, I'4 ad planum rectaram @ H, HK
perpendicularis est. sin duae rectae ad idem planum
perpendiculares sunt, rectae parallelae sunt [prop., VI].
ergo 4B rectae I'4 parallela est; quod erat demon-

strandum.

P 19. &ga] supra F. 20. 6] corr. ex zawv P. HO,
HK m, 2 FV. 22. dor Vh. elory] doovrar V.

23. meg #0s1 Jeitou] om. V.
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v

‘Eov 0vo svdelar axrépevar aldjioy muga
dvo e0Pslag anvopdvag dAljioy boL uy v vé
avrd émimide, icag yoviag wegiékovarw.

Avo yeg ebdeiow af AB, BI' anvdpevar diifjiov
nepe Ovo evdslog tag AE, EZ amvoudves diijiev
doroday wy &v 16 avvg émméde’ Adyw, O lon éoviv
7 9wd ABI yowie vfj vmo AEZ.

Aneidijpdwcay poge of B4, BI'y E4, EZ ieaw
ardfAosg, ol Emelevydacay of A4, I'Z, BE, AT,
AZ. xol énel ) BA vfj EA oy ol xal magdliy-
Aog, xal 1) A4 dge vjj BE loy éovl ol magdiinios.
0w vo avre Oy xal § I'Z <fj BE loy detl xel map-
dAdnhos” éxaron dou vy AA, I'Z vjj BE ley éot}
xal magdidyiog. af 0% vf adrij eV¥ely mapdiiniol
xol piy ovoor adrf dv v adrd dmméde xel diddjAeug
elal mwepdAindor wegddiniog doe doviv § AA v T'Z
nal log. xel Zmbevyvvovew avrag of AT, AZ* xel
7 AT ége ©fj AZ loy éorvl xel mepalindog. xol émel
o0vo af AB, BI dvel raig 4E, EZ icar slolv, xal
paoig 1 AI' fdeer tfj AZ lom, povia &ge 7 Vmd
ABT yovlg v vnd AEZ éevwv ioy.

‘Eav &oa O0vo &vdsior amvdusver dAifiov mwaoe
0vo sUdelag dmroudves dAljiov @eL wy év ve avrd
dmnédep, ioag yoviag megiééovery: Smep Eder deitbou.

3. dotw PB. 4. odoas, loag b.  msgedfover Vb, 5. af
AB,BI'Jom. BFV., BI']posteains. m. 1P, 6.af 4B, BI
nege BEV. 7. adrg] supra ser. . 9. B4] in ras. m. 1 P.

EZ] litt. Z e corr. V.  11. deriw B.  12." domuv ion BFD.

14. énatéga — 16. mapdlinlog] bis F', sed corr. m. 1; mg.
V. 16 nel p — dmmddp] om. V.  17. magdiiniol] supra

ger. m. 1 F, &ga] supra scr. m. 2 B. 18, xef] (primum)
supra m. 1 V. 19. or&v PB. 20. gfof Vb, comp. F.




ELEMENTORUM LIBER XI. 31
X.

Si duae rectae inter se tangentes duabus rectis
inter se tangentibus non positis in eodem plano par-
allelae sunt, angunlos aequales comprehendent.

Nam duae rectae 4B, BI inter se tangentes duabus
rectis inter se tangentibus

AE, EZ non positis in
eodem plano parallelaesint.
dico, esse [ ABI'= AEZ.

ponantur enim B4
= BI'= EA = EZ, et
ducantur 44, I'Z, BE,
AT’y 4Z. et quoniam B 4
rectae EA aequalis et parallela est, etiam 4.4 rectae
BE aequalis et parallela est [I, 33]. eadem de causa
etiam I'Z rectae B E aequalis et parallela est. itaque
utraque 44, I'Z rectae BE aequalis et parallela est.
quae autem eidem rectae parallelae sunt, etiam si in
eodem plano non sunt, etiam inter se parallelae sunt
[prop. IX]. itaque .44 rectae I'Z parallela est et
sequalis. et eas iungunt AI', 4Z; quare etiam AT
rectae 4Z aequalis et parallela est [I, 33]. et quoniam
duo latera 4B, BI” duobus 4E, EZ aequales sunt,
et A'=AZ, exit [ ABI'= A4EZ [I, 8].

Ergo si duae rectae inter se tangentes duabus
rectis inter se tangentibus non positis in eodem plano
parallelae sunt, angulos aequales comprehendent; quod
erat demonstrandum.

22, dn6) om, V. 28. avuoysvou — 26. Seifou] nal Ta séng
V. 24. dow (doww F) mage 30 ed@elag dmropsvas dliflov

BFb.  dow P.
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‘Awo Tov Oodévrog onusiov usrswpov éml
10 dodtv émimedov xnddeTov evFeiav poapuny
ayeyeiv.

"Eetw ©o pdv 0odtv onusiov usrémgov vo A, 0
0t dodiv émimedov 0 vmoxelucvov' Oel Oy dmo voD
A onuelov énl ©0 Vmoxeluevov Emimedov uddstov &v-
Delay poopuny dyaysiv.

Adujyde pdo tig v ve vmoxaudve Emimédep evdeia,
og drvyev, 1§ BI, xal 7390 dnd tov A4 enusiov éxl
v BT xddetog 3 AA. & ptv ovv § Ad nddsrds
dore xai émi TO Umoxeiuevov Emimedov, peyovog dv &l
70 émiraydév. & 0t o¥, Nydw amd Tov A equelov
] BI' év 6 vmoxeudve émnédeo modg dodag v JE,
xel Hy90 amd vov A énl vy AE xadsrog § AZ,
xal 0ue Tov Z equsiov vfj BT mapddinlog fydw y HEO.

Kol énel § BI' énavéoe tiv AA, AE meog ¢-
#dg ovww, 7 BI doa xal ©6 0w tdvy EAdA émimédn
meog Oodds fomv. xal doTv avry magdAinlog 1
H®" éov 0 aa dvo eddeioaw magadinior, 5 0F ple

avrdy émméde Tvl medg dgdes 7, xel % Aoy vH

avt émmédp mog dpdag ferart xel ) HO doo T
dwr vév Ed, A4 émnédp mods dpdds omv. xel
meds miGag doo Tag GmTopéves avTig evdslag wol
oteag év v O tov EA, AA émnédp S99 dorwv
% HO. &mvezar 0 avrig ©§ AZ ovoa év v Ouk

2. ueréwoov @ (non F), pezewgozégov b. 3. dodév] P,
dmonslpevoy BEVD, P mg, m. 1. 9. yag] om. V., svdeia]
postea ivs. F.  10. 'B F. 12. #ouc xaf] v e corr. m.
2 F. éni] om. b. yeyovig] eras. V. 13. ©6] supra scr.
F. d¢] supra scr. V. 17, énl o.
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- XL

A dato puncto elenato ad datum planum perpen-
dicularem lineam rectam ducere.

Nam datum punctum elevatum sit 4, et datum
planum sit, quod subiacet. oportet igitur a puncto 4
ad planum subiacens rectam lineam
perpendicularem ducere.

ducatur enim in plano subia-
centi recta quaelibet BI, et ab
A puncto ad BI" perpendicularis
ducatur 44 [I, 12]. iam si 44
etiam ad planum subiacens per-
pendicularis est, factum est, quod propositum erat.
sin minus, a 4 puncto in plano subiacenti ad rectam
BI perpendicularis ducatur- 4E [I, 11}, et ab 4 ad
AE perpendicularis ducatur 4Z [I, 12], et per Z
punctum rectae BI" parallela ducatur H@® [I, 31].

et quoniam BI' ad utramque A4, JE perpen-
dicularis est, etiam ad planum rectarum Ed, 4.4
perpendicularis est BI" [prop. IV). et ei parallela est
H®. sin duae rectae parallelae sunt, et alterutra ad
planum aliquod perpendicularis est, etiam reliqua ad
idem planum perpendicularis est [prop. VIII]; itaque
etisam H® ad planum rectarum EA, 4.4 perpendicu-
laris est. quare etiam ad omnes rectas eam tangentes
et in plano rectarum EJ, 4.4 positas perpendicu-
laris est H® [def. 3]. uerum A4Z eam tangit in plano.

21—24 nonnulla in F euan. 23. donv] comp. Fb, Zon. P,

fovar V. 25. A4A4) 4, ut uidetur, e corr, F. 26. @H B..
év ©¢] sustalit reparatio in F.
3

Euclides, edd. Heiberg et Menge. IV.
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tov Ed, 44 émnédp' 7 HO &ga dod éove moos
vy ZA' dove xel  ZA S99 éomt meds iy GH.
dove 0 ) AZ xal mpds vy AE oo 7 AZ dou
nQ0s éxezégay tdy HO, AE fpd Zovww. éov 0%
evdsie Qvely e0deloug Tepvoveoug dAdfieg énl vijg To-
uilg medg 60dag émovadij, xal ve 0v adrdv émwédm
wpog 00dag forar 1) Z.A dga vé O tov EAd, HO
émmédn moog Oodds dorw. o Ot dik vy Ed, HO
énimsddy doru vO Vmonslusvov' 1 AZ Goo vé vmoxet-
uéve émmédp mgds 0pdag foviv.

‘And Tod dpo dodévrog onuslov pereagov Tot A
évzl 70 mtoxuy,evov énimedov xadsvog sODelw PQupY
fures 9 AZ* Smeg Eder mouiicar.

’
f’.

Té dodévri émumédp dmd vo¥ medg avrd
dodévrog onuelov meodg 9dag sl delav yoap-
uny dvecTioes.

"Eovo v0 piv dodtv émimedov tod Umonsiuevov, To
0t modg avrd enusiov voO A° d&l 0% dwd vov A on-

20 pelov T vmoxsiubup Emimide mels dgdag edPelav

YoMy AVaCTiGaL.

Nevonjedo v onusiov peréogov 1¢ B, xel émo
rot B éml 70 Umoxelpsvov émimedov ndPevog fyde 1
BI‘, nel O tot A onuelov vfj BT n‘a@allnlog L]
5m Ad.

et b, sed corr. m. 1. 3. forr — xaf] sustulit repa.ra.tlo in F.
n] (privs) el # V.  wip] m. 2 AZ] (alt,) e corr. m.
2 F, seq. ras. 1 litt. uea nwel F. 5. e0@elag] sddsion @.
TEUYOvCULS) Pb,F mg.; anropévers BFV, b mg.  didfAeg] -o5
in ras, m. 1 b, uunhw BFYV. 6.8°]om. . 8. &suw] comp.

1. doty PV. 2. donv o. @I.Zl ®K 9, H® B, ZHP

= e
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rectaram Ed, A4 posita. itaque HO ad Z A per-
pendicularis est; quare etiam Z.4 ad H® perpendicu-
laris .est. uwerum AZ etiam ad A4E perpendicularis
est. 4Z igitur ad utramque H®, 4 E perpendicularis
est.. sin recta ad duas rectas inter se secantes in
sectione perpendicularis erigitur, etiam ad planum
earum perpendicularis erit [prop. IV]. itaque Z 4 ad
planum rectarum E.4, H® perpendicularis est. uerum
planum rectarum E.4, H® subiacens est. itaque AZ

ad planum subiacens perpendicularis est.
Ergo a dato puncto eleuato 4 ad planum sub-

iacens perpendicularis ducta est recta linea 4Z; quod

oportebat fieri.
XIL

Ad datum planum a puncto in eo dato rectam
4 r  lineam perpendicularem erigere.
. Sit datum planum, quod subia
cet, et punctum in eo datum sit 4.
oportet igitur, ab 4 puncto ad pla-
num subiacens perpendicularem rec-
tam lineam erigere,
supponatur eleuatum aliquod punctum B, et a B
ad planum.subiacens perpendicularis ducatur BI" [prop.
XI], et per 4 punctum rectae BI" parallela ducatur 4.

¢ 9. dmineddy éori 10 vmoxslpsvov] émmidaw
7005 opdds foriv ¢ ZA b, 10. £t V.  11. dox] om. F.

Sodévrogdoa V. 18.7% AZ]om.Fb; add. m. 2 B. morijoad] dei-

fuP. 18, fave P, sed corr.  16. Sodévzt ompsiov @ (non
19. avrd V, et P,

F. Post yoapury del. dyayeiv m. 1 b. 070 |

sed corr. Post prius 4 ras. 1 litt, F.  22. pezéwedy = o7-

keiov P. 28, ud@srog] comp. in ras. F.  24. zjj BI'] om.b.
y e

Fb‘, {ov. PBYV.
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‘Emel ovv 0vo evdeior mopidinhol elow of AA
I'B, % 0t ple adreov 7 BI @ vmoxsipsve émiméde
nedg 0pddg deriw, nal 7 Aowmy dew N AA . Vmo-
xespéve dmnéde meds doddg doTiv.

5 T doa 0odévrti miméde amd tob medg avre o-
pelov vob A meog bgPag dvésratar § A" Gmeg E0a
ToLTjGoL. ,

o'

'’Amd ToD adTov dnuelov TH avrd miméde

10 0vo sVPelar medg 0@d g oY% dvasTiicovrar énl
e avte wéom.

Eil pag dvvatdy, ¢md vov avvod onuelov vov A
Te Umoxsiudve émmide 0vo svdeiow of AB, AL meog
doPag dveordrmony éml T evva péen, xel dujyde To

16 0we t0v Bd, AT énimedov: vowspy 0% moujeer Oux
vov 4 & td vmoxaudve Imiméde ebPsiav. mowsive
my AAE' of tge AB, AL, AAE eb®siow v &v(
slow émmédp. xal dnel § A 6 vmoxeipéve dmi-
nédp medg 0gPds foviv, xel mdg micag Goe TG

20 awropsvag avrig evdelag xel oboug év ve UmoxeLuive
imnédp bpdos moujoes povieg Gmvsten OF avrijg 1
AAE oboe v v Umoxsipéve émuéde. § Gea VRO
T'AE yovie 6od+] éovw. O vé avre O xel 7 VRO
BAE 8081 doviv' lon dgo ) vmo I'AE vf} vnd BAE.

25 %ol elow v vl émumédep: Omeg darlv advvarov.

Ovx oo amd Tov avrod enusiov v avrg émmide

1. elow «f] om. @ (non F). 3. éote FV, comp. b.
4. lot. BV, comp. Fb. 6. dné — 7. morijoar] nal ve éEfs V.
5. avzé b. 6. 109 — dvéoraral] euan. F. 7. mocrjcet]
deikae P. 9. awé — émmédp] PBFV, b mg. m. 1 (ye.);
in textu b: t@ dodévre émmédo dmd vob meds adrd enuelov,
et idem in mg. habuit F, sed uestigia sola restant. =~ 10. dwe-
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jam quoniam duae rectae parallelae sunt 4.4,
I'B, et altera earum BI' ad planum subiacens per-
pendicularis est, etiam reliqua 44 ad planum sub-
iacens perpendicularis est [prop. VIII].

Ergo ad datum planum a puncto in eo dato 4
perpendicularis erecta est A4.4; quod oportebat fieri.

XTII.
Ab eodem puncto ad idem planum duae rectae
perpendiculares ad easdem partes erigi mon possunt,
Nam si fieri potest, ab eodem puncto 4 ad planum
subiacens duae rectae 4B, AI perpendiculares eri-
gantur ad easdem partes, et ducatur per B4, AI'
planum. sectionem igitur in plano subiacenti rectam
efficiet per 4 punctum [prop. III]. efficiat 4 4E. ita-
que AB, AI', 4AE rectae in eodem plano positae
B sunt. et quoniam I'4 ad planum
T subiacens perpendicularis est, etiam
ad omnes rectas eam tangentes et in

" plano subiacenti positas rectos angu-
los efficiet [def. 3]. tangit autem
E  eam AJAE in plano subiacenti po-

sita. itaque L I' 4 E rectus est. eadem de cansa etiam
L BAE rectus est. quare I'4E = BAE; et in eodem

plano positi sunt; quod fieri non potest.
Ergo ab eodem puncto ad idem planum perpen-

stadjeovrer b. 18, af] ins. m. 1 F. 15. B4] B e corr.

. 16. eodeiav] om. V. moieltw) -te supra add. m. 2 B,
17. Supra mjv add. e68. V. A AE] corr. ex 44 m. 2 V.
4dA4E] corr.ex dEm.1b. 19. fer: BV, comp. Fb. 23. I'4E] seq.
ras. Y3 lin. V. &gz PV, comp. Fb.  25. é&v(] P, v¢ év(BFV;
% avrd b, mg. ye. év vl émin.; adrd mg. F., in quo zé in
ras. est. 26, rov adrdy @ (non F).
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dvo ebdsior medg SpPdg dvecradcovras énl ve avve
uéon: Smep &0e dsifou.
0.

ITgds & émimeda 7 avdry 0Bsia 6099 éoTiy,
wagdlinia édral T émimedea.

El9¢ia pdo wg ) AB modg éndregov vhv I'd,
EZ éminédov mgdg dpdag dorw’ Adyw, Gri magddinie
doTe e émimeda.

El yogp wij, #xPaldousve evumesovvrar. Ovy-
mmTéTRoey: moujdovar 0% wowny touny evdsiav.
nowelrwoay tv HO, xal eliijpdo énl vig HO v-
zov anueiov vo0 K, xol émefevydwoev of 4K, BK.
xoel émel 7 AB 0991 dovi medg ©0 EZ émimedov, xel
mpog my BK &oo sbdelav ovoav év ve EZ xPiy-
Sévr émnédp ded| dovv % AB- 1 dpa Vmd ABK
yovie 6991 dotiv. die ta avra Oy xel §) Und BAK
6091 éonv. Touydvov 8% tov ABK ol 0vo yovim
af Um0 ABK, BAK dvely Spdals eleww loon" omeg
dovly advvarov. ovx dgo ta I'd, EZ énincdo éxfal-
Adueve evumwecotvron® magddinide dge éotl va I'4,
EZ énineda.

ITpds & émimeda dpo 1) adty ebdela Spd] doTiv,
megaddnle éove vo émimsda: Omsp #0e deifa.

1. avagrijcovroae V. 4. done PBV, comp. Fb. 6. é’a-za‘g
P, 261t BFVb. inimeda] mite péon 9. 6, I'A] in ras.
7.EZ] ZEb.  13. BK] corr. ex KB m. ¢ V; KB B;
K” B’ b. ~13. nad] (alt) supra scr. comp. m. 1 b.  16. dome
BV, comp. Fb; ifem lin. 17. 17. 4BK] corr. ex AB F.
«f] om. V, 18, elowv) supra m. 1 P, toon eloly V.
20. d6tf] comp. F.; &lofv in ras. m. 1 P. 22. & om. g
(non F).  dom B, et corr. in doruw V, comp. Fb. 23, émi-
neda] ¢ in ras. m. 1 P. 8mep £0er dsikon] om. V.
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diculares duae rectae ad easdem partes erigi non pos-
sunt; quod erat demonstrandum.

XIV.

Ad quae plana eadem recta perpendicularis est,
ea parallela erunt. ‘

Recta enim 4B ad utrumque planum I"4, EZ per-
pendicularis sit. dico, plana parallela esse.

nam si minus, producta concurrent. concurrant;
communem igitur sectionem rectam facient [prop. III).
faciant H®, et in HO® punetum quodlibet sumatur K,
et ducantur 4K, BK. et quoniam 4B perpendicu-

laris est ad planum EZ, etiam ad rectam BK in
: H/plano EZ producto

by . .
Y, P positam perpendicu-
E K laris est 4B. ergo
L ABK rectus est
[def. 3]. eadem de
causa etiam [ BAK
rectus est. trianguli igituar 4 BK duo anguli 4BK
4+ BAK duobus rectis aequales sunt; quod fieri non
potest [I, 17]. itaque plana I'4, EZ non concurrent
producta. ergo plana I'd, EZ parallela sunt [def. 8].

Ergo ad quae plana eadem recta perpendicularis
est, ea parallela sunt; quod erat demonstrandum.

C]




10

15

20

25

40 _ ZTOIXEI®N .
e’
Eqv dvVo e09clar amvdusvar ¢Aijioy waga
dvo eddelag dxrouévag diifiov daL uy v o
ebr@ émimédp oveas, mwagdidnid f6vi va OF

avrdv énimsda.
4o ypop ebdeiar amropevor didjlov af 4B, BI'

mage 0v0 evdelng amroudvag ardjiov vag AE, EZ

dorweay pi) év 16 avtg imméde ovowi Adyw, OTi -
Perldpeve 1o 0w tov AB, BI'y, AE, EZ éninsde
oV Guumseeltar aliioig.

"Hy®o pog dmd vov B onuelov énl ©o da tdv
AE, EZ ‘inimedov xddevrog 1 BH nal ovufariére
1§ Imwédp xeve vo H onusiov, xal O vod H tf
ptv EA mogdilnlog fyfe % HO, vfj 68 EZ % HK.
xal énsl v BH 0991 éote meog ©0 dve vév 4E, EZ
énimedov, xel mwedg mdceg doa thg Gmroudveg avris
evdelag xal oveas dv td O 1oy JE, EZ émméido
doPag moujger yovieg. Gmrerar 0% avrig Exczion
rév HO, HK ovee &v t did tév AE, EZ imnéde’
6097 doa éotlv éxarégpa vév Umé BHG®, BHK ywo-
viev. xel émel wepddinAdg domww 3 BA v HO, af
toe vwd HBA, BHO® yaviu dvely dpdaic idou cloiv.
S0y O} % Omd BHO" Spd &ou xel 4 vmd HBA"
7 HB é&oa vij BA mpog dpddg éoviv. O T adra
0% ) HB xal vjj BI' dov. mgog Op¥dg. émel odw
ebdete ) HB dvely s0dslmg tais BA, BI' veuvov-

3. Ante Goiras. 8litt. V; doww B. 4. dous P. 6. BI"] corr.
ex 'BV; 'BB., 10.cvu-inras. V.  owpmecotvras b, corr.
m. 1. 11. B] e corr. m. 1 b.  138. z0d H] vod H onuelov b,
onpelov add: m. 2 F. 15, dorw PV, comp. F.  16. adrijs
om. . 17. 8wt tév] om, P. 19, zév HO® — 20, e'uats'eu]
mg. m. 1 V. 20 fozs) om. V. BH®] O in ras. V.,
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XV.

Si duae rectae inter se tangentes duabus rectis
inter se tangentibus parallelae sunt non in eodem
plano positae, plana earum inter se parallela sunt.

Nam duae rectae inter se tangentes 4 B, BI" duabus
rectis inter se tangentibus A4 E, EZ parallelae sint
non in eodem plano positae. dico, plana rectarum
AB, BI' et 4E, EZ producta inter se non concurrere.

ducatur enim a B puncto ad planum rectarum
4E, EZ perpendicularis B H [prop. XI] et cum plano
in H puncto concurrat, et per H rectae E4 parallela

ducatur H®, rectae autem EZ

B - parallela HK. et quoniam BH
/ ’ ad planum rectarum AE, EZ
4 L perpendicularis est, etiam ad

omnes rectas eam tangentes et
in plano rectarum 4 E, EZ po-
sitas rectos angulos efficiet [def.
3]. uerum utraque H®, HK eam
tangit in plano rectarum AE,
EZ posita. itaque uterque angu-
s BH®, BHK rectus est. et quoniam BA rectae H®
parallela est [prop. IX], anguh HBA + BH® duobus
rectis aequales , sunt [I, 29J uerum "L BH® rectus
est; itaque etlam i HB A xectus. HB igitar :a¢ B4
perpendlculans bst, - eadem de* causa HB efiain ad
BI' perpendicularis egt. lala quoniarn xecta HB ad
duas rectas inter se sec.:ﬂtés BA;BI- perpendlculans

22. HBA] H ins. V.  23. 7] (alt.) supra scr. V. 25. HB]
26. HB] P, BH

in ras. V, BH Bb. %al] in ras. V.
BFVb,  eddelarg] Sodaic B, supra scr. eddedug m. 2.

*
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ooaug ailjlag medg d9dds ‘pdernxev, 1) HB &ou xal
vg O tdv BA, BI' émnidp moog Oodag éorwv.
[0t v& avra d7) % BH xal vd e vév HO, HK
émimédp meog 0pPdg éovw. ©é 0% dwx Tév HO, HK
énimsdév éove vo Owx tov AE, EZ 7y BH doa ©6
dwr tv AE, EZ émmédp o1l meog 60dds. Edslydn
0t 9 HB xal v¢ 0wt vov 4B, BI' émméde moog
dodagl. mdg & 0t émimede 7 adry e0dsie dpdq
dovwv, magaidnid éove v éninede mwagdidniov don éotl
70 it v AB, BT énimedov 16 dux vév AE, ELZ.

"Edv dgo 8vo e0dsion amvdusvar aAilrjiov megr 6o
e0Psleg omvoudvag dAijlav der uy v 16 alvp émi-
néde, mepdlinid &t va 8 advdy imimeda” Omep
805 Octko.

s’

’Eav 0vo émimede maodiinie Umo émimédov
twog répvyret, al xotval adrdy ropal magdi-
Andol elauw.

Avo pop énimeda magdidinie 1o AB, I'Ad Omo émi-
nédov o0 EZHO tspvicdo, xowal 0 avrov voual
dovweny of EZ, HO Myo, St magdiinids o 1
EZ vj HO. .. '

»

Bt pog: o, s SuBreads

PR
.....

Eveir ol EZ, H® fgor éml

e,
v

.
« e X

eenr toe o se. - »
. . e o

'9. 40i-BVep, comp. b **1 3. iy 7d ~- 8. dpdds] m% m.
2 B punctis'del. m. 2 V. ' 4. doge BV, comp. Fb. 5. dorw
P. Post BZ:del. ém{ my 1.P.-. 'T.BI'] AT BV. Ad lin. 3
—8 mg. b m:lxs Jo. Fore O xob v@ Sk 1oy JE, EZ dmméde
S90%- 1, BH W& nGdS Builvsgéy vuv duk tdw ABI, AEZ émi-
nédov dgd1 fori; idem in textu BV (z6 corr. ex zé, I'in ras.
V; éouw B), mg. m. 1 F. 9, dore BV, comp. Fb.  12. ooty
B. immédp ovoow B. 13, fors vd] 7 seq. lac. ¢.  dmee
20ec deifar] om. V. 17, mwogdAdnior) formeay .  18. sise
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erecta est, HB etiam ad planum rectarum B 4, BI’
perpendicularis est [prop. IV].") ad quae autem plana
eadem recta perpendicularis est, ea parallela sunt
[prop. XIV]. itaque planum rectarum 4B, BI paral-
lelum est plano rectarum AE, EZ.

Ergo si duae rectae inter se tangentes duabus
rectis inter se tangentibus parallelae sunt non in eodem
plano positae, plana earum parallela sunt; quod erat
demonstrandum.

XVL
Si duo plana parallela plano aliquo secantur, com-

munes eorum sectiones parallelae sunt.
Namduoplana

7 parallela 4B, I' 4
plano EZH@® ge-
centur, commu-
nes autem eorum
sectiones sint EZ,
H6. dico, EZ
rectae H® paral-
r lelam esse.

nam si minus, EZ, H® productae concurrent aut

1) Uerba die zd lin. 3 — dg@dg lin. 8 ab Euclide pro-
fects esse mequeunt, quippe quae per ambages demonstrent,
BH ad planum rectarum AJE, EZ perpendicularem esse, id
quod e praeparatione patet (p. 40, 11), ad quam Euclides
tacite respicit contra morem suum. inde factum est, ut uerba
illa interpolarentur et id quidem jam ante Theonem. scriptura
codicis B per se bona sine dubio e coniectura satis recenti

orta est.

Vb, comp. F. 19, I'a”, 4B’ F. 20. zerpriodw b, corr.
m.

1. 23 of) ovpmecodvrar af V.
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v Z, @ péoy 3 énl ta E, H evumseotvros. &nfe-
Brjedmeay dg énl te Z, @ udon nel cvummréroeey
modrsgov xeve vo K. xol émel y EZK év © AB
doniv dmiméde, xel mavie dga ta éml vijg EZK oy-
usie &v vd AB lovw dmmideo. Pv O tdv il vis
EZK &b9elng enuelov datl vo K v0 K dgo 2v 1
AB it immédp. Ok e avve O to K xel v
16 I'd éovw bmmédp' v AB, I'A oo émimede ix-
Parldusve 6vumecovvrar. oV Guumimrover 0% Oue 7o
mepdAdnie Omoxsicdo ovx doo of EZ, HO svdeio
ExBorlduevar. émd va Z, @ uéon cvumeGoTvrar. OpoLws
o deltouev, 6t of EZ, HO ev@ciar 000} éml ta E,
H uéon éxPodiopever ovumesodvror. of 0% émi pnd-
érega 1o péen evumimrovem: magdilniol slow. mep-
aAdniog dpa Eovlv v EZ v HE.

Eav dge O0Vo émimsda magalinla ©md émimedov
Twdg Tépvnrar, af xowel eUtev vouel megadinAol
slow: omep £0er dsifac.

ot

‘Eav 0vo svdelar vmo magallfiov émime-
dov réuveovrar, £lg Tovg avrodg Adyovs TEY-
dqGovrar. ‘

dvo pag svdeiar af AB, I'd v mugedijiov
émnédov oy HO, KA, MN rsuvéchocay xara e
A, E, B, I', Z, 4 onueia’ Adyo, ot éoriv dg 1) AE
sVdein mpdg v EB, ovrwg 5 I'Z mgog iy ZA.

1. za] (alt.) supra ser. m. 2 B.  ovumecovvrer] om. V.
iupefiiofo in ras. V. 2. d¢] P, F m, 1; modrsgor dbg BVD,
Fm. 2 3. medrzoov] om. BFV.  Post nef spatium 6 litt.
reliq. p. 7@ 4B] &vf b, mg. yo. év v AB boriv. 4. émimédo
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ad Z, @ partes aut ad E, H. producantur ad Z, &
partes et prius concurrant in K. et quoniam EZK
in plano 4B posita est, etiam omnia rectae EZK
puncta in plano 4B posita sunt [prop. I]. ex punctis
autem rectae EZK unum est K. itaque K in plano
AB positum est. eadem de causa K etiam in plano
I'4 positum est. quare plana 4B, I'4 producta con-
uerum non concurrunt, quia parallela esse
supponuntur. itaque rectae EZ, H® productae ad
Z, O partes non concurrent. iam similiter demon-
strabimus, rectas EZ, H® ne ad E, H quidem partes
productas conmcurrere. quae autem ad neutras partes
concurrunt, parallelae sunt. itaque EZ rectae H®
parallela est.

Ergo si duo plana parallela plano aliquo secantur,
communes eorum sectiones parallelae sunt; quod erat

demonstrandum.

current.

XVIIL

Si duae rectae planis parallelis secantur, secundum

eandem rationem secabuntur.
Nam duae rectae 4B, I'4 planis parallelis HO,

K4, MN in punctis 4, E, B et I', Z, 4 secentur.
dico, esse AE:EB=IZ:7ZA4.

dovty . nal — 5. émwédp] mg. F (euan.), 5. émmwéde

dovly BV, F?; éminédp elotv b.  ziv] 16 B, et V, sed corr.

m. rec. 6. onuelw By, et V (corr. m. rec.); onueiov b.

12, «f] ned of BV. 003’ P. 13, uéoy) supra scr. m. 1 F.
éxfollopsvor 0o b. énl] éml vd V. 14, td] om. BV,
sl6 Vb, comp. F. 15, 7] post ins, V. 7] om. b.

16. wepaddnia — 18. deikar]: ~ V. 17, zérunrar B. 21, 7é-
wrvovrer P, corr. m. 1. 24. zepvérmony b, 25, 4] insert,
postea V. B]inras. V. 4, ZB. 26 Zd] e corr. V,
inras. m. 1 P; 4Z B.
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‘Enstevydweav yio aof ATy, BA, Ad, xal evy-
Peddére 7 Ad v6 KA émnédp xeve vo [E enusiov,
sl émelevydwoay of BEE, EZ. xal énel 0vo iminsda
wepdddnia o KA, MN ©nd émmédov vov EBAE
téuverar, ol xowel avrdv voual of EJE, BA migdi-
iAol slow. 0w te adre 0% émel dvo émimede mug-
didgle v« HO, KA 9mo émimédov vov AEZI vé-
pveras, af xowal evrev topel of AT, EZ mugdilniol
slow. xol émwel touywdvov to0 ABA mega plov Tov
wAsvpdy Ty B eddsie qurew 7 EE, dvdioyov dou
dotlv dg 9§ AE meog EB, otrwg 1 AF mgog EA.
naAw énel vouydvov tov A AT mege play tév miev-
ody iy AL eddete fuvon 1) BZ, dvdioydy dorwv dg
n AE moog Hd, ovrwg v I'Z medg Z.A. £dslydn
0t xal dg n AE meds EAd, otmwg v AE meds EB’
nol og dga § AE nmgog EB, otrwg % I'Z meds Z4.

‘Eov doa 8vo eddsiwe mo magedljiov émnmédav
Téuvavras, &g Tovg avTovg loyovg Tundjeovrar Gmwee
&eu dsibar.

2. 1¢] o, 3. EZ)E"Z b, énimedog. 4. mep-
dilnle] = o ¢. EB4E) & in ras. V, corr. ex Z m. 1 F.
5. EX, Bd] in ras. V, & eras: B; EZ Bd b, 6. sles
Vb, comp. F. dud — 9. elaww] mg. . 7. dmimédov to¥)
corr, ex fmnédov P. m. 2. AFZT] K A in ras. V. 8. 7]
cor. ex Z m. 2 B. 9. gloe b, com (u’u g, 10, ]
7jj b.  evdeioav B, sed corr. égrlv] om z» EB V.
12. 4 A"I'" b. 18, i) TdY (p (non F). am‘iuwyB sed corr.
doriv] &eaFV. 14. vy H4BF. I'Z]Z in ras. m.rec. V.
vy Z4 BFVb.  &dsydn — 185, EB] mg. m. 2 B. 10 ™y
B4 FVb. mv EB V. 16. nel og dea] Forww doo nerl
mg b, & in spatio plar. litt. o. 4E] 4 in ras. m. 2 V.
L EB BFb, vy Z4 B. 17. omé — 19. deibou] el za
éEqg V. 18. réuvawrae, slg] orepsdv seq. lac. g. Tu-
covrer B, corr. m. 2.
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ducantur enim AI', B4, 44, et 44 cum plano
K A4 concurrat in puncto 5, et ducantur EF, £Z. et
quoniam duo plana parallela K4, MN plano EBA5
secantur, communes eorum sectiones ES%, B4 paral-
lelae sunt [prop. XVI]. eadem de causa, quoniam

duo plana parallela H®, KA plano AEZI secantur,
communes eorum sectiones AI", B Z parallelae sunt.
et quoniam in triangulo 4B uni laterum B A paral-
lela ducta est recta EfE, erit AE:EB=AF:54
[VI, 2]. rursus quoniam in triangulo 4 4TI uni late-
rum AT parallela ducta est recta FZ, erit 45 : 5
=IZ:Z4. sed demonstratum est, esse etiam 45: 54
=AE:EB. quare etiam AE:EB=1TIZ:7Z4.

Ergo si duae rectae planis parallelis secantur, se-
cundum eandem rationem secabuntur; quod erat de-
monstrandum,
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’

oy’

Bov s0deie émimédo tivl modg dodag 7, xal
mevre ve 0V avrij énineda v avre émimidp
woog bpdag FaTar. :

EVdéta peo ms % AB v tmoxsiudve émmédp
nog Spdag éotw’ Afypm, Om xel mivie Ta due vig
AB énineda te) vmoxsipéve dmiméde meog doddg éoTiv.

"Exfepiijodm pap Oia vijg AB émimedov vo AE,
nel &6tw xowy toun tot AE édmnédov xal tov vmo-
xapsvov n I'E, xal eldjpdo éxl g T'E zvydv o-
petov ©6 Z, xel dnd tov Z vjj I'E meog dedag fiyde
v 16 AE dmnédp 7 ZH. xol émsl 9 AB moog 70
vmoxelpevoy éminedov 09D} éoTiv, xal wedg miGag Gox
Tog amvoufvag avrig &vdelag xal oUoag v ve vmO-
xeudve émnédo S0P fevw 7 AB' Bove xol mEOS
viv TE d¢9j demv: 4 dga vwd ABZ yovia dod
dory. Eovi O xel f vmd HZB dedj" mapdddnhog
doa éatlv 4 AB ) ZH. 1 0t AB t¢ vmoxeiufve
émnédp meog O9Pds dovw' xel § ZH doo v vmo-
xepéve émmédo meog OoPdg derw. xal émimedov
modg émimedov 699dv o, Grav af Ti wowwy topy
toy immédov medg Sedag aydusver eddsion v Evl
16v émmédov To Aong mmédp mds Seddg ow.
xel v xowqf] touf] tév émnédov v I'E év évi vév
émnédov v AE modg Sodag dydeice v ZH 0elyd

4. Zotax] corr. ex dorw V. 5. eddeiw — 7. dorv] mg.
m 1V, 6. 7ijs] om. ¢ (non F). 18. é6v: PBFV, comp.
b. 14 odox P. 16, dom V.  yoview 9. 17. HZB] In
ras, V. 18 doriv] om. V. 1] 75 adrg F. 19, éow B.

nodl ) — 20. domv] om. b, mg. V.' 19 HZ P.  20. fout
PBYV, comp. F. wel] nol émel BV, 21. mos émimedov)
supra m. 2 V. 23, Immédp] tdv dmmédwy V. da Vb,
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XVIIL

Si recta ad planum aliquod perpendicularis est,
etiam omnia plana, quae per eam ducuntur, ad idem
planum perpendicularia erunt.

Nam recta 4B ad planum subiacens perpendicu-
laris sit. dico, etiam omnia plana, quae per 4B du-
cantur, ad planum subiacens perpendicularia esse.

ducatur enim per 4B planum AE, et communis
sectio plani JE et subiacentis sit I'E, et in I'E
sumatur punctum aliquod Z, et ab Z ad I'E perpen-

4 B 4 dicularis in plano 4 E ducatur ZH.
[~ ] | et quoniam 4B ad planum sub-
iacens perpendicularis est, etiam ad
omnes rectas eam tangentes et in
Z B plano subiacenti positas perpendicu-

laris est 4B [def. 3]. quare etiam
ad T'E perpendicularis est. itaque [ 4BZ rectus est.
verum etiam [ HZB rectus est. itaque 4B rectae
ZH parallela est [I,28]. 4B autem ad planum sub-
iacens perpendicularis est. itaque etiam HZ ad pla-
num subiacens perpendicularis est [prop. VHI]. et
planum ad planum perpendiculare est, si rectae in
altero plano ad communem planorum sectionem per-
pendiculares ductae ad reliquum planum perpendicu-
lares sunt [def, 4]. et demonstratum est, ZH in altero
plano 4 E ad communem planorum sectionem I'E per-
pendicularem ductam ad planum subiacens perpen-

T

XVIIL Eutociug in Apollon. p. 23.

24, thy dmmédov topf b. rousi] Toufi dex @. 7]
- e corr. V.
Euclides, edd. Heiberg et Meonge. 1IV. 4
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T6 Vmoxsiuévep émméde meog doddg’ ©o doo AE imi-
nedov 00dSv éove medg TO Umoxslusvov. Opolwg 07
daydnostar xal mdvve ve Ow vijs AB émimede doda
TUPLEVOVTH P0G TO Vmoxsiusvov Ernimedov.

‘Boav doo s0®eia émimédo vl mdg dofag 7, xal’
mdvre T 0 avtiic émimeda v¢ avre dmiméde mgos
doFag Forow * Omeg #0e dsika.

3.

Eay 0vo éninmeda véuvovra Gilnla éminéde
ruvl meog bodas 7, xal % x0Lvy adTdy Touy TH
adrg dmimédp meds dodag Eovar.

dvo pog éninede ve AB, BI ©d Omoxsiuéve ém-
nédp weog 09deg Eorm, xown 0F adrdv Touy fovw 1
B4 iéyw, St 4 BA ve dmoxsipivy émmédeo moos
dodag éomiy.

My ydo, xul fxPw6ay amd Tol A enuslov év udv
16 AB émmnédp o) A4 edely mds doddg 4 AE,
v 0t v BI émnédp v I'd modg dodag 4 AL
nel émel 10 AB émimedov S99y dere meog TO vmo-
uslucvov, xal Tf xowi] avtdv vouf] vi; AA meds d¢-
g v v$p AB mnédp yuren § AE, % AE bgo
bod) éote meog TO Vmoxsiucvov émimedov. Spolws 09

2. ouv P. Post dmonelpsvov add. Zmimedoy b ot mg.
m. rec. V. 5. wal — T. deikon]: ~ V., 6. o & evris
imi- euan. F. 9. téuvovra] cregeovie @ (non F),  immédo
7zw(] om. F, sed uvidetur fuisse in mg. 10. zopn] in ras. m.
1 P. 12 @] bis P; corr. m. 1.  15. 46 BV, comp. F.
16, and] dmo P, 17. =] e corr. b. nodg] om. @.
AE) decorr. V. 18, 6 om.P.  I'd) aTb, AZ}Z
in ras. V. 19. dovi] om. @ (non F), 20. xat] émimedo?
nal b, A4A4] 4 in ras. FV,
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dicularem esse. ergo 4E planum ad subiacens per-
pendiculare est. iam similiter demonstrabimus, etiam
omnia plana, quae per 4B ducantur, ad planum sub-
iacens perpendicularia esse.

Ergo si recta ad planum aliquod perpendicularis
est, etiam omnia plana, quae per eam ducuntur, ad
idem planum perpendicularia erunt; quod erat demon-

gtrandum.

XIX.

Si duo plana inter se secantia ad planum aliquod
perpendicularia sunt, etiam communis eorum sectio
ad idem planum perpendicularis erit..

Nam duo plana 4B, BI" ad planum subiacens per-
pendicularia sint, et commu-
nis eorum sectio sit BA.
dico, B4 ad planum subia-

| cens perpendicularem esse.

Ne sit enim, et a oA
puncto in plano 4B ad rec-
tam A4 perpendicularis du-
- 7 catur 4 E, in BI" autem plano
4 r ad I"4 perpendicularis 4Z.1)
et quoniam 4 B planum ad subiacens perpendiculare est,
et ad communem eorum sectionem A4 in plano 4B
perpendicularis ducta est 4 E, 4 E ad planum subiacens
perpendicularis est [def 4]. similiter demonstrabimus,

)
N

1) Nam si communis planorum sectio ad planum subiacens
perpendicularis non est, ad rectas 44, 4 I rectos angulos non
efficiet. * ergo et in plano 4B et in B I locus est perpendicu-

lari ad 44 et ad 4" in 4 erectae.
4*




b

10

15

20

52 ZTOIXEIRQN :e’.

dsibousv, Ote xal % AZ S99 fove medg TO Vmoxel-
pevov émimedov. dmwd TOoU adrov doe onuslov Tov
4 e vmoxsudve émmide Ovo svdsion wmods Spdds
dvsorauvar sloly énl ta avta péey: Smep doviv ddY-
verov. ovx Goo ve Umoxepdve miméde dmo rov 4
onuslov aveeradjostor mweds dedos mAyv wig AB
xoiwvig toudjg tov AB, BI émuxédov.

'Eav &ga 0vVo Emimeda téuvovve GAAnie Emimédm
vl meog Sedag 17, xel §) xowwy edTAY Tous TH avrd
émmédp moog bpdag Eovar Omeg #0e Osifou.

o

%,

Eav 6tc080 yovia Um0 T9LlY yavidy -
nédmv mepLéyyrar, 0vo Omorarovy tig Aoimis
ueltovég elor mavey peralepPaviuevar.

Zrepsa yop yowvle 1§ meog T¢ A Umo ToLeY YO-
wdy dmnédov v vné BAI, I'dd, 4A4B meoi-
epéado’ Aéyw, ovv twv vwd BAIL, I'dAA, AAB yo-
wdy 0¥o Cmoiaiody viig Aowmig uelfovés sloe mavry
petedapfoviuevar.

E{ u¥v odv of Omo BAT, F'dAd, 4AA4B yoviu
iGon dAdjharg &lalv, pavegov, 61t dvo Omoitoty TTS
Lowmijg peltovés slow. & 0% of, &otw pelfov T VmO
BAT, xal evveerarw meog tfj AB evdely xal ©o
neds adri] onusle 6 A T Ym0 AAB yovig v 1

1. ot ned 1‘)1 om. ¢ (non F). 42] 4"Z' b, 4. éotiy]

om. V. 6. z7jg] © corr.m, 1 b, 8. émimeda — 10. deitas]
o Vo 9. 7, #el] euan, F. 14, peifove V.  mavmy
seq. ras. 1 litt, P. 15. zoe corr. in zo m. 1 b, 16. meot-

syéodw — 17. yomdr] mg. m. 2 V, in text. eras. ymmdr.
16. "'dA b. 20. I'dd] 4 e corr. V. 21. lows] eloe looe
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etiam 4 Z perpendicularem esse ad planum subiacens.
itaque ab eodem puncto 4 ad planum subiacens duae
rectae ad easdem partes perpendiculares erectae sunt;
quod fieri non potest [prop. XIII]. itaque a 4 puncto
nulla recta ad planum subiacens perpendicularis eri-
getur praeter 4B, quae communis est sectio plano-
mm 4B, BI,

Ergo si duo plana inter se secantia ad planum
aliquod perpendicularia sunt, etiam communis eorum
‘sectio ad idem planum perpendicularis erit; quod erat

demonstrandum.
XX.

Si angulus solidus tribus angulis planis continetur,
duo quilibet reliquo maiores erunt quoquo modo con-
iuneti,

Nam angulus solidus, qui ad 4 positus est, tribus
4 angulis planis BAT,

I'dd, 44 B continea-

tur. dico, duos quos-

libet angulorum B.AT,

Irdd, A4A4B reliquo

BEe— % I' maiores esse quoquo

modo coniwnctos.

iam si anguli BAT", I'4 4, 4. 4B inter se aequales
sunt, adparet, duos quoslibet reliquo maiores esse. si
minus, maior?) sit L BAT, et ad rectam .4 B et punctum
eius 4 in plano rectarum BA, AI' angulo JA4B

1) Sc. angulo 44B. neque enim necesse est, omnium
eum maximum esse. .
V. elotv] om. V. 22. eloe V, comp, F. 24, 4 AB]
44T P, #] om. B, supra scr. V.
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delbopev, 8v xol § AZ dpd1) dove medg TO Umoxsi-
pevoy émimedov. dmd Tov avTov oo onuelov Tov
4 t¢ vmoxeudve dmmido 0vo ebFslar medg Sedug
dvesrauvar sloly énl ta adre uden: Gmep éovlv @dv-
varov. olx Gox v Umoxeuive dmméde amod vov A
onuslov avectadjceror meog Oedag mAyy Tijg AB
xowvijs toutjg tdv AB, BI' émmédov.

Ecy &ga 0Y0 énimeda vépvovve dAinie émimédo
Tl mwedg beddg 77, xal %) xowy adréY TR TG wvTH
dmnddo moeog boPag Eovar Omeo 0 deifo.

o

%,

‘Eav 6ts0sc yovie VIO TELOV POVIGY &L
nédov megLéynrar, 0vo OmotatoBy Tig Aotmig
uellovés slor mdvry peralapPavousva.

Zrsgea pog yovie 1 meog tH A VmO TOLHY Y-
wdy émnédov 6y 9nd BAL, I'dd, 4A4B =
eyéodo Adyw, 01t 1oy Umwo BAL, F'AAd, A4A4B yo-
ndv 0%o CmoreoDy thig Aoumijg uelfovég sler mavry
pevadayfovopsvar.

El uv odv of vmo BAL, T'dd, 4AB yovia
loon dAMjAaug slelv, pavegdv, Ot dvo Omotaroty T
Aouwije pellovég elow. el 0% ofl, Eotw pelfov 7 vmo
BAL, xal ovveordtw medg tf] AB sVdele xol ©H
medg adrij enuelp vé A v vmo 4 AB yovie v 16

1. 3z nal 7] om. ¢ (non F). 421 4”7 b, 4, dorly
om. V. 6. TAs] e corr. m. 1 b, 8. émimsde — 10, Seiar
teo V. 9. 7}, naf] euan. F. 14. pelfovg V.  mavry
seq. ras, 1 litt, P.  18. 7d¢ corr. in 76 m. 1 b, 16. msqt-
egfodo — 17. yoviayv] mg. m. 2 V, in text. eras. yomoy.

16. T'd4b. 20. T'4dd] 4 e corr. V. 21. loar] slow oot
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etiam 4 Z perpendicularem esse ad planum subiacens.
itaque ab eodem puncto 4 ad planum subiacens duae
rectac ad easdem partes perpendiculares erectae sunt;
quod fieri non potest [prop. XIII]. itaque a 4 puncto
nulla recta ad planum subiacens perpendicularis eri-
getur praeter 4B, quae communis est sectio plano-
rum 4B, BI.

Ergo si duo plana inter se secantia ad planum
aliquod perpendicularia sunt, etiam communis eorum
‘sectio ad idem planum perpendicularis erit; quod erat
demonstrandum.

XX.

Si angulus solidus tribus angulis planis continetur,
duo quilibet reliquo maiores erunt quoquo modo con-
Iuncti.

Nam angulus solidus, qui ad 4 positus est, tribus
4 angulis planis BAT,

I'dd, 44 B continea-

tur. dico, duos quos-

libet angulorum BAT,

rdd, 4A4B reliquo

B £ o' Dlalores esse quoquo

modo coniwnctos.

lam si anguli BAT, I'4 4, 4 AB inter se aequales
sunt, adparet, duos quoslibet rehquo maiores esse. si
mlnus, maior?) sit / BAT, et ad rectam 4B et punctum
w_ plano rectarum B4, 4I' angulo 44B

omniam

1) Sc. angulo J4B. neque enim necesse est,
fum maximum esge.

V. sloly) Om V.
22. eloe V, comp. F.
44r P, év] om. B, supra scr. V. P

24, 4 4B]
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0w 1oy BAT édmunéde lon §) vmwd BAE, xel xsi690
©i] A4 ey 4 AE, xal 0w o0 E oquelov diaydeion
7 BET teuvérw veg AB, AT ebdslog xave ve B, T
onusia, ol énelevydwoav of AB, AI. xal énel loy
béoriv §§ 4A tvj AE, mowsy 0% 7 4B, %o dvely
oot xol povie 5 9md 4 AB yovig v vié BAE loy’
Bdoig &g § AB Bdes vfj BE deviv lon. xal émel
dvo of BA, AT vig BI" pslfovés slow, dv 7 AB i
BE &eiydn loy, Aowmy &ge ) AI' Aowmig wijg ET
10 usllov dorlv. =xol émel lon devlv 1§ AA =i AE,
wowny 0% % AL, nal Pdog % A Bdoswg vijg ET
pelfoy éeriv, yovia dge 1) vmo A AT yevies tig vmd
E AT pelfov doviv. &elydn 0% nal 5 vmd JAB i
vmd BAE oy of dpe om0 AAB, AAT vijg vmo
16 BAT ueltovés slow. Ouolwg 01 dslbopsv, Guo xal of
Aowmal avvdvo AauPavipsvar Tig Aoumije ueltovés elow.
'Eov oo otsgea pavie UmO Toidv povidy émi-
nédov meguéyntar, 0vo dmoiaoty tijg Aowmig pelfovés
elor mivry peradepfoviusvor Omeg Eer detbar.

20 xe’.
“Amoace 6tegee yovie Vo dlacodvov [1] TE6-
Gaogwy 4¢P DY yovidy émnidwy megiéyeraL
"Eoto o6tegee yovie 1 meds 16 A meguegoudvy VRO
émnédov yovidy tov vnd BAT, I'dAd, AAB: iéyw,
26 o1 of Vo BAT, I'AA, 4A4B te6adonv dodav éido-
oovég elew.

1. émnédop)] in ras, m. 1 P. 4] supra scr, V, ut lin, 2.
nelodo 7fj] 6wk tov E on ¢ (non F). Hine plerasque ineptias
manus ¢ omisi, maxime ubi aut certa uestigia ueri super-
erant, aut certe nulla erat causa de scriptura cod. F dubitandi.
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aequalis construatur [/ BAE, et ponatur A E = A4,
et BEI per punctum E ducta rectas 4B, AI" secet
in B, I' punctis, et ducantur 4B, 4I. et quoniam
d4= AE, et AB communis est, duo latera duobus
aequalia sunt; et [/ 4 4B = BAE. itaque 4B = BE
I, 4]. et quoniam B4 4 A4I'> BI' [I, 20], et de-
monstratum est, esse 4B = BE, erit 4I'> EI. et
quoniam 44 = AE, et AT communis est, et 4" > ET,
erit [ 4AT> EAT [I, 25], et demonstratum est,
esse etiam [ 4 4B = BAE. itaque 4AB -} 44T
> BAIL. eodem modo demonstrabimus, etiam reliquos
angulos duo simul coniunctos reliquo maiores esse,

Ergo si angulus solidus tribus angulis planis con-
tinetur, duo quilibet reliquo maiores sunt quoquo modo
coniuncti; quod erat demonstrandum.

XXI.

Omnis angulus solidus planis angulis minoribus,
quam sunt quattuor anguli recti, continentur.

Sit angulus solidus, qui ad 4 positus est, compre-
hensus planis angulis BAT, I'd 4, A4B. dico, esse
BAr 4+ I'd 4 + 4.4B minores quattuor rectis.

3. Il corr. ex Em. 1 b. 4. 4B) B4 F. 6. Post
foor ras. 4 litt. hab. V. 7. donw ion] lon seq. spatio uacuo
3litt. V. 8 BdA]B"d’ b, 4B BV. 1z V2  10. dorir]
(prius) dez/ PBV, comp. Fb. A4E]inras. V. 11. 4T corr.
ex 4EB. 12. {ov PBYV, comp. F. Dein add. xalV. A44T]
4B o. 14. 7ig] bis P, corr. m. 1; zois F.  17. vwo —
19. dsifou] med zd &7 V. 21 om6] corr. ex amé P.

4] om. P. 99, dmiméday dpPov yovidy V. 23. 7] corr.
in 76 24, 9mwé — 26. «f] mg. m. 2 B. 24 I'/Idij
25, 9] eras. B; m. 2 V. rdd

t in ras. V.
44T g et o 1ms 26, sl V.

Fm1 JAT Fm 2 etV in ras.
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Elljgpda yao &9’ éxdotng t6v AB, AT, A vv-
qovre enusic va B, I'y 4, xol énelevydwoay «f B,
I'd, 4B. xal éxel evegsa yovie 7 mgog vd B vmi
ToLBY yoviay émnédov megiéystar tav vmd I'BA,
ABA,I'BA, 8vo omorewotv tijg Aoumtig uelfovég eloww’ af
dge vno I'BA, ABA vijg Omd I'BA uelfovés slow.
die T avve O xel of plv Omd BI'A, AT'A vig
vmo BI'A usitovég elow, of 0t vmd I'd A, AAB vig
oo I'AB pelfovés slow: of ¥ doo poviw af vmo
I'BA, ABA, BI'4, AT'A4, I'4 A4, A4B toiv toov
vnd 'BA, BI'4, I'4B uslfovés slow. diia ol voels
of md I'BA, BAT', BI'd dvolv eduis loaw sloiv'
of 8 doo af vio 'BA, ABA, B'd, AT'A4, I'd4,
AAB 0vo Spddv uslfovéy slew. xal émsl éndevov
10y ABI'y, AT'4d, AAB touyovov of teels yovi
dvaly dedalg loow eloly, of dge TGV TQLGY TELYWVQY
évvée yovier of Omd I'BA, AT'B, BAI'y, AI'4,
rad4, rd4d, A4B, 4dB4, BAA ¥ dpdaig ioon
slelv, &v of Ono ABI'y, B4, AT A, T44, A4B,
AB A4 8 yoviu 8vo Sp96y slor pelfoveg Aowmal &oe
of vmo BAI', T'Ad, 4 AB toeilg [yaviu] megiéyovens
v ersgeay yoviay ts6ddgay Sdéy éAdecovés elow.

2, I supraser.m. 1V. 3. 4Bl 4B g. 4. Ante toiov
ins, ydgm.2V. 6. I'BA]inras. m. 1P. 6. o=d] (alt.) om.
F. <&low BV, comp. Fb. 7. BI'4] supra 4 scr, 4 m. 1 b.

8. BI’'d] I'Bd4 F, corr. m. 2 (sed euan.). gle BVb, comp. F.
ol 0¢8] ot Ere «f BFVD.  10. ABA] B in ras. B, item lit$. seq.
rd4)inras. V. 11.BI'd]T'dinras. V. I'4B]inras. V.
di’ b, 12. BI'd} Bet Ainras. V. &lol V, comp. F.

18. ABd)m.rec. V. TI'4dA]in ras. V; AAT e corr. m. 2 B.
14.3v0] AB4 890 V. eloe BVDb,comp.F.  15. af toeis Tot-

yaveoy F, corr. m. 1. zeiydwov P, et b, sed corr. m. 1.

17. TB4A) ’'BAF,BAdecorr. V. AI'Bl ABI'P. 18.I'44]
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sumatur enim in singulis rectis 4B, AT, A4

quaelibet puncta B, I, 4, et ducantur BI', I"4, 4 B.

T et quoniam angulus solidus,

qui ad B positus est, tribus

angulis planis continetur I'B 4,

4 ABd,I'BA, duo quilibet re-

liquo maiores sunt [prop. XX].

B itaque I'BA 4 ABA4 > I'BA4.

eadem de causa erunt etiam BI'A - AT'4d > BI'Ad,
Fd4+4 4A4B>TA4B.

itaque T'BA+ ABA+ BI'd~+ AT A+ TdA

+ 44B>TBd + BI'd 4+ I'4B. vuerum
I'BAd -+ BAI' + BI'd
duobus rectis aequales sunt [I, 32]. itaque sex anguli

I'BA+ ABA 4 Bl'd -+ AT 4 +T'dA4 + AA4B

duobus rectis maiores sunt. et quoniam singulorum
trianguloram ABI', AT'4, AAB tres anguli duobus
rectis aequales sunt, nouem anguli trium triangulorum
I'BA + AT'B + BAI -+ AT'4 + I'dd + I'dd4
+ A4B 4 A4BA -+ BAA sex rectis aequales sunf,
quorum

ABI'++BIr'A+ ATr'd +TI'dd4d -4 A4B + 4B A4
duobus rectis maiores sunt. itaque religqui

BAI' + I'dd + 4A4B,

qui angulum solidum continent, quattuor rectis mi-

nores sunt.

inras. V; JAT'B. I'd4) Adinras. V; T'd4 B. BAd]
BAA P. 20, pelgovés elo(v) BV. 21, yovier] om. P.
22, slos V, comp. F. Seq. in V mdven, sed del.
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“Anace dgo oregse yovie vnd EAecedvav [4] Teo-
7’ 3 ~ ~ 7 (x4
Gaoay 0090y yovidv émmidwnv megiéyctar Omsg e

dcitou.
xf’.

Eev &6 tosis yoviar énimedor, ov el ddo
7ijg Aotmijg usllovés el mavey peralapfavo-
pever, wegiéywar 0% avdrag loar evdeiar, dvve-
tév 6Ty éx ThY mitevyvvoveny tag iGag V-
delag Tolymvov 6veTnoaeduac.

"Eetwoay tosis yovic éninedor af vnd ABT, AEZ,
HOK, dv ol 0vo tg Aoimwijg mpslfovés slor mdvry
peredoepBavipsver, of ptv Ymo ABI, AEZ vijg vmd
HOK, of 0% vnd0 AEZ, HOK vig vwd ABI', =al
¥t of vmo HOK, ABT tijg vnd AEZ, xol E6rwcey
teet of AB, BI', AE, EZ, HO®, @K s0deios, xal
énslevydwoay of ATy AZ, HK* Aéyw, Ot dvverdy
dory é tov leov taig ATy, AZ, HK tglyevov 6v-
orfeacda, tovréety O6m oy A, AZ, HK dvo
omoraLoty g Aoumijg pelfovég elauy.

El ptv ovv of om0 ABI'y, 4EZ, HOK ypaviu
toar GAMjAoug elolv, qavspdy, Ovv xel tédv AL, AZ,
HK leov pwopéveoy dvvardy éotww éx tév icav talg
A, 4Z, HK volyovov cGuemicacdar. & 0% ob,

1. &go] supra ser. m. 1 P, omé — 3. deifa]: ~ V.

1, %] postea add. m, 1 P. 1. megibyooty P, meoiéyoves F.
8. Supra ivas add. yovieg m. 2 B, del. m. rec.
5%elag] yovieg evdady V. 11. &lo] Zrwoay BFV et b
(s0- in Tras.). 15, s98eicr] m. rec. V. 17. cvverioacdor
P, corr. m. 2. 18. &z¢] corr. ex 76 m. 2 F. 19. pelfovs
V. &lo mdvry pevalepBovéuevar Theon (BFVD).  21. eloe

toer V. elotv] elo{ PBb, comp, F.; om. V.  22. yuyvopévew
F, yevouéver b.
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Ergo omnis') angulus solidus planis angulis mi-
noribus, quam sunt quattuor recti, continetur; quod

erat demonstrandum.

XXIL

Si tres anguli plani sunt, quorum duo reliquo
maiores sunt quoquo modo coniuncti, et eos aequales

YANYAWA

continent rectae, fieri potest, ut ex rectis aequales
rectas coniungentibus triangulus construatur.

Sint tres anguli plani 4BI', 4EZ, HOK, quo-
rum duo reliquo maiores sunt quoquo modo coniuncti,
ABI' 4+ AEZ > HO®K, AEZ 4 HOK > ABT,
HOK -+ ABI'> AEZ,
et sit 4B =BIl'= AE = EZ — HO = @K, et du-
cantur 4TI, 4Z, HK. dico, fieri posse, ut ex rectis
aequalibus rectis 4I', 4Z, HK triangulus construatur,
hoc est, rectarum AI', 4Z, HK duas quaslibet re-

liqua maiores esse.

lam si anguli 4B, 4EZ, HOK inter se aequales
sunt, manifestum est, cum etiam 4T, 4Z, HK aequales
sint [I, 4], fieri posse, ut ex rectis aequalibus rectis
AT, 4Z, HK triangulus construatur. sin minus, in-

1) Nam in angulis solidis, qui plus quam tribus planis
angulis continentur, similiter ratiocinandum est.
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éaTweay dvieol, xol Gvveordto medg v OK eddely
xel vd weog avry onuelp vH O v vwo ABI yovig
loy 9 ml KOA" xal nel6¥w pg vév 4B, BI', 4E,
EZ, H®, OK ion 7 ®A, xal énctetydwoay of KA,
HA, ol éngl 0vo af AB, BI' dvel taig KO, @4
loae elolv, xal yovie 1 medg v B yovie v VWO
KO lay, Pdeig dga n AL Bdes tf) KA lay. xel
énel of Ym0 ABI, HOK tijg om0 AEZ peifovés
sloww, len 0t 7 vmd ABI ©f} vmd KO, 3 éga V7o
HO®A vijg vr& AEZ psilov dotiv. xal émel 0vo af
HO, @4 Yo taig AE, EZ i6a &loly, wel yovie 7
two HOA povieg tijs 9nd AEZ pelfov, Pdoig dow
71 HA Bdoswg vijc AZ peltov éotiv, dile of HK,
KA viig HA pelfovés elow. moddd dpe of HK, KA
tiis AZ pelfovés elow. lony 0% 9 KA v A" of
AT, HK dga viig Aomijs tijg ,4Z peilfovés elow.
ouolwg 07 OetEousv, ot xal of udv AT, AZ vijg HK
peilovés slow, xal &vv of AZ, HK tijg AT pelfovés
sloww. Ovvatdy dga dotlv éx vav lowv taig AT,
AZ, HK zolyavov everijcacdar: omeo ¥0es dsiar.

%y’
'Ex 1016v povidy éninédov, dv al 0vo Tis
Aoumiig welfovég elot wavry peradapfavopsvar,

1, Post &viooe add. xei #otm pelfwy 3 medg 6 E mg. m.
rec. V. 2 avzivb. 8. AB] AT 9. 4. ion 5 @A) suprs
ser.m, 2 V; dinras. B,  dnefedyducay — 5. nal] postea ins.
m. 1 P, 5 4B]in ras. m. 1 P. 6. el6/ BVb, comp. F.
7¢] mutat. in 76 b. 7. @KAF. douv lon BF. 8. of] om.
F; uidetur s%pra. ger. fuisse, sed euan, JEZ] in ras, V.
10. "©°'H'4F. Z4ov/PBV, comp. F. 11.dve{P. &bl Vb,

LG
4

B
Y
S

ler
41.
i
wl

b
i

mmp,
W o

my
By
Vi,
o, T,
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aequales sint, et ad rectam @K et punctum eius @
angulo 4B’ aequalis construatur [/ K@ 4, et ponatur
6 4 cuilibet rectarum 4B, BI', 4E, EZ, HO, OK
aequalis, et ducantur K4, HA. et quoniam duae
AB, BI" duabus K@, ® 4 aequales sunt, et angulus
ad B positus angulo K@
aequalis est, erit etiam 41"

4 = KA [I, 4. et quoniam
ABI' + HOK > AEZ, et

Y ABI'=K6O A, erit [ HOA
> AdEZ. et quoniam duae

H®, ® 4 duabus 4E, EZ aequales sunt, et | HOA

2}

H

> AEZ, erit HA> AZ (I, 24]. werum HK + KA

> H4 [I, 20]. itaque multo magis erunt

HK+ K4> AZ.
sed K4 = AI. itaque 4I' 4+ HK > AZ. jam simi-
liter demonstrabimus, esse etiam AI'-+ 4Z> HK,

4Z 4 HK > AT itaque fieri potest, ut ex rectis
aequalibus rectis 4T, 4Z, HK triangulus construatur;

quod erat demonstrandum.

XXITIL

Ex tribus angulis planis, quorum duo reliquo ma-
lores sunt quoquo modo coniuncti, angulum solidum

comp, F. 12. 96 AEZ] moos 76 E V, et fort. F in mg.,
sed euan. 18. ot V, comp. F. 14, slor PV, comp. F.
. . 16. Post #lory una linea eras. in V., 17, dne mxl:L-nal
on V.  18. zloe P, comp. F. sl #n of ] P; of 04 Theon
(BEVD); sed cfr. p. 64, 4. A4Z2"HK' b, HK, 4Z BFV,
pelfovés sloww] om. BFV. 19. edor b. 20, Smep #ss deifar]
om, V. Seq. demonstr. alt.; u. app. 22, af] of F.
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6rsgeay pyoviav 6ver)6acdar d&l 07 tag Toels
re66dgny 6p9dy éAdceovag sival

"Eorwoay of dodsioas Tosis yowin énimsdor af Umo
ABI'y A4EZ, HOK, dv af dvo tijg Aowwijg welfoves
dorwoay mdvry peredopfavopsvar, Ere 0% af woeis
redodpoy Opddv éAdecoveg® 0sl O & tav lewv
raig vno ABI, 4EZ, HOK crepsav yoviey 6vori-
6oodut.

Ansiijpdecey loew of AB, BI', AE, EZ, HO,
OK, xol émelevydocav af Ay 4Z, HK* dvvazov
dge fotlv éx tdv lowv vaig ATy, 4Z, HK velyavov
overijcacdar. ovveerdrw 0 AMN, dets lony slven
vy pdv AT ©f] AM, vy 6% AZ vj MN, xal én
wyy HK tf) NA, xol meouyeyodpdo nmegl 10 AMN
rolyovoy xvxhog 6 AMN, xel elljpdeo adrod vo xév-
zoov xel fotw T 5, xol mstevybocay of A5, ME,

E- Aéyw, otr ) AB peltov ol vijg AF. & pag ui,
nrou len doriv § AB vjj A 1 éAdrrev. E6re medTegov
lon. xal énel lon ovlv § AB o) AF, dAde % utv AB
v BT dotw loy, v 0t EA4 off EM, 8vo 0% of AB,
BI' 0%0 tais 45, EM loow slolv éxaréoa éxoardge’ xel

1. oregsa yovic F, sed corr.  overijoacdar yoviay V. cvv-
oricasdar P, corr. m. 2. 2. Zldrrovag P, ost_siven add.
dw 70 xal wEowy orsgsay Fuw’av om0 7oLy (@) 7 TecsKQWY
S09ay yovdy megiéyeedar F, 4. &v of] yoviw F, &v of
add. m. 2. 6. ldtroveg P, éldeoovg FV. Dein add. #orw-
oav F. 7. cvvoriioacder P, corr. m. 2. 9. BT'] BT, I'd
b. A4E) corr. ex TE m. 1 b. 11, &po oty éx tav foww
taig] 0 &% Teidv ey b; mg. ye. doa fetiv n Tiv lsww.

12, gvverroaedar P, corr. m. 2. 13, AM] AB o. 14. 7]
supra_ser. V. N4) AN BFV. 15. Post névreov add.
Zoton d7) dwor dvrds 0¥ AMN touydvov 9 Eml pibs Tov wlev-
odv adrod 1) dxvds. forw medrsgow évtig BV. 17, derl] éoriy
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construere; oportet igitur'), tres angulos illos quattuor
rectis minores esse [prop. XXI].

Sint dati tres anguli plani 4BI, 4EZ, HOK,
quorum duo reliquo maiores sint quoquo modo con-
iuncti, et praeterea tres illi quattuor rectis minores.
oportet igitur ex angulis aequalibus angulis 4 BT,
AEZ, HOK angulum solidum construere.

abscindantur inter se aequales 4B, BI', 4E, EZ,
HO, OK, et ducantur 4I, 4Z, HK. fieri igitur

E @
AL\
4 z H K
potest, ut ex rectis aequalibus rectis 4I, 4Z, HK
triangulus construatur [prop. XXII]. construatur 4MN,
ita ut sit A= AM, 4Z = MN, HK= N4, et
circum triangulum 4MN circulus describatur 4 MN
IV, 5], et sumatur centrum eius et sit &, et ducantur
45, MFE, NE. dico, esse AB> A5; nam si minus,
erit aut 4B = 45 aut 4B < A% sit privs 4B
=A% et quoniam AB = A%, et AB=BI, 54
= %M, duo latera 4B, BI" duobus lateribus 45,
EM alterum alteri aequalia sunt; et supposuimus,

4 I

1) Nam d7 cum omnibus codicibus retinendum est. idem
I, 22 p. 52, 17 pro 84 cum codicibus restitnendum est. nam
etiam apud Eutocium in Apollonium p. 10 in codd. 87 scribi
pro 04, nune cognoui.

P.  zfig] corr. ex zijs B. 18. ign] supra ser, m. 1 V.
19. d¢i2” BF.  20. 54] 45 Bb. ~ 21. 8vo0] dvol b.
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pacig § AT Bdes vf AM roxsiran lon yovie &ou
3 vné ABI" yovig ©5 vmo AEM éerwv lon. dux Ta
avre O xal 7 wiv Vmo AEZ v vwd MEN Zerwv
oy, %ol #ri 1) vmd HOK vff 9nd NE A of doa Toels
of Vw0 ABI, A4EZ, HOK yoviw tgiel taly vmd
AEM, MEN, NEA elow loar. dlde of toeig ol
vl AEM, MEN, NE A vévregoww cpdais slow loo’
xel el Tosic dgo af vnd ABI'y AEZ, HOK tévragey
doPais loow elolv. OUméxswrow 0% nel veGedgwy OQ-
dGy éAdoooveg Omsg dvomov. ovx dea 1) AB v AF
lon dovlv. Adym 01, Ctv 000F éAdvrov éetlv 7 AB
tiig A5. & yag dvvardy, fore’ xol xelodo T piv
AB iey 1 EO, tfj 8t BT ey % HII, xol énelevydo
7 OII. =xal énel loy Zotiv 1) AB ©fj BI, loy éorl
xoel §) EO tff EII' deve xal Aowmy % AO = IIM
dorwv lon. mapddindog dea Zetlv % AM vjj OI, xal
leoydvioy ©6 AME ©p OIIE: demww oo g 7 HA
wpds AM, olrwg 7 HO meog OIT éverict og n AF
nedg HO0, ovrwg §) AM modg OII. peitov 0% v A5

20 tijg HO* pellov Goo wol § AM vig OIl. didc ¢

AM xeivon ©fj AT lon xol 9 AT Gpo zijg OIT psl-

2. AFM] supra ras. m. 2 B. 8. MEN] EN in ras.
m 1PV, & unm’] looe slol zo1ol V. 6. M.'E.'N] corr. ex
MN& V, MN 5 b. NEA — 7. M"'N;] mg. m . 2 B.
6. slow Foou) om. Vo, loaw zlciv Bb. all’ b. af]) (alt.g
sapra m. 2 7. tévacwy BFVL., loow slolv BV. 8. o
of — 9. eloz’v] mg. m. 2 V, euan. in F. 8. doo of] af &eo
P. no‘aaeow v, zezgum BFb 9. gloww looee Bb. 11, domw
ton V. 13. %] (pnus) supra scr. V. 14, .éo'-zF;l doziv PB, 8¢
euan, V. 15. O4 B. lomy zj Theon (B Vb) 1TM)
in ras. V, MII F. 16. dotev] in ras. V. dotdv] om.
V. AM) 4 in ras. m. 1 B. 17. Post AME a.dd Tolyo-
wov comp. &A4)] AR F, corr. m. 2. 18. oy AM, M
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esse A= AM. itaque erit [ ABI' = AEM 1, 8-
eadem de causa etiam
LAEZ = MEN, | HOK = NE 4.
ergo
LABIL + AEZ 4 HOK = [ A:M+ MEN
+ NE

sed L AEM~+ MEN+ N5A quattuor rectis aequales
sunt.’) quare etiam [ 4BI'+ 4EZ - HOK quattuor

P

Y

rectis aequales sunt. uerum supposuimus, eos gquattuor
rectis minores esse; quod absurdum est. itaque non -
erit 4B = AE. iam dico, ne minorem quidem esse
AB quam A45. nam si fieri potest, sit minor. et
ponatur EO = AB, EII = BI, et ducatur OIl. et
quoniam 4B = BI, erit etiam 50 = EII. quare
etiam 40 = ITM. ergo AM rectae OII parallela
est [VI, 2], et 4 MF triangulo OITS aequiangulus
est [I, 29]. itaque erit §4: AM= 50:0II[V], 4].
permutando 45 : 50 = AM:0Il [V, 16]. uerum
45> 50. itaque etiam AM> OII [V, 14]. sed
posuimus /M = AI. itaque etiam AI'> OII. quo-

1) Hoc nusquam demonstratum est, sed facillime ex I, 13
concluditar; cfr. ad I, 15 coroll.

in ras. V. o OII V. og) doa dg V (F?) 7] ins.
m2V. 20 xef]om. V. 4] ins. m 2F, * BF.
Buclides, edd. Heiberg et Menge. IV. 5
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fov dotiv. émsl ovv 8¥o i AB, BI' dvel taig OF,
511 6w &loly, xol Bdoig v AT Pdeswg tijg OIT pei- |
tov éoviv, yovia doa % 0 ABI yovieg tig vmo
OEIT peitov dovlyv. opolwg Oy dstbopsv, Gt xed 7
utv vmd AEZ vijg vmé MEN pelfov dordv, 5 0%
tmd HOK tijg vmo NEA. of dpa tosiy yoview of
twd ABI's AEZ, HOK toiév toov vmo A5 M, MEN,
NEA pelfovés elow. dAle of 9md ABI, AEZ,
HOK recodpov 6g9dy éAdodoveg vmdneivror mwoldd
doo of vmwo AEM, MEN, NEA zveoodoav Soddv
éhdeeovés elow. alda xal leo 8mep detly dzomov.
ovx doo 7 AB éidaowv detl Tijg AF. 0slydn 0F,
Ote 000 lon pelfov dow ) AB vijs AF. dvserdto
01 amd Tov & onuelov T 100 AMN wbxdov émiméde
medg bpdrog f) EP, xel ¢ peifév fors vo dmo vijg AB
rerpdymvoy tov amd tijs AF, xelve leov é6teo T0

. 4mo tijg &P, xel émelevydwoav af PA, PM, PN.

20

xol énel ) PE S8 oty moog 0 o AMN wvxiov
émimedov, xal mpdg Exdorny doo tov A5, M5, N&
S deviv 1 PE. xal énel lon devlv 5 A5 v BEM,
xowvy) 0% nel meog Sodag B EP, Bdag dea n PA
Becse ©ff PM dorw loy. O e avte Of xal § PN
énaréon tév Pd, PM dovv lan' of tocis doa af PA,
PM, PN ioer diMideuug slofv. nol émel ¢ upeifov

26 o1t TO amo vijg AB vob amd Tijg AE, éxelvp igov

Dwonsar 6 and Tig EP, 16 dga amo tig AB leov

1. Post dvo add. e9@siee FV, B supra ser. m. 2. dvol]
8vo b(F?). 2. &le/ Vb, comp. F. 3. éotf BVb, comp. F.

b. MEN] % in ras. m. 1 P. 6. 9m6] (prius) om. V,
supra ser. m. 2 B. 7. 4B, BF, 4E, EZ, H®, ®K P.
ooy — 9. HOK] mg. m. 2 V. 8 ail’ FVh. 9, {larroves
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viam igitar duo latera 4B, BI' duobus O, EII
»2equalia sunt, et 4I'> OII, erit L ABI'> OFII[],
25]. similiter demonstrabimus, esse etiam [ JEZ
> MEN, [ HOK > Nj5d. itaque ABI'+ JEZ
+ HOK > A5M 4 MEN + NEFA uerum suppo-
suimus, esse
ABI' 4- AEZ + HOK
quattuor rectis minores. multo igitur magis 45M
+ MEN -+ NEA quattuor rectis minores sunt. sed
iidem quattuor.rectis aequales sunt; quod absurdum
est. itaque 4B recta 45 minor non est. et demon-
stratum est, eam ne aequalem quidem esse. ergo
AB> AF. erigatar igitur in puncto & ad planum
circuli 4 MN perpendicularis &P [prop. XII]. et sit
EP* = AB® +— AE®, et ducantur P4, PM, PN. et
quoniam PJF ad planum circuli 4 MN perpendicularis
est, PX ad singulas rectas 45, M5, N5 perpendicu-
laris est. et quoniam 45 = 5 M, et EP communis
est et perpendicularis, erit
PA=PM [, 4].
eadem de causa erit etiam PN — P4 = PM. itaque
P4, PM, PN inter se aequales sunt. et quoniam
suppositum est, esse FP®= AB? -+ AF® erit 4B
= A)® 4+ P uerum

P, 10, MEN] EN in ras. m. 1 P. 11. slowr éldocovsg
P.  éortv] om. V. 12. 4otiv P. 18. dea] éotly doo F.

dveorarw] bis b; lith. » in ras. m. 1 P, 14. %vxiov]
om. g. 15, dozev P. 16. z6] corr. ex 5 m. 2 F.
17. PN] supra scr. V. 18. P5] 5P B. éoriv P.

20. EM] ME corr. ex N5 m. 1b.
28, lon éoriv V. 24. slol b,
ex 76 F.

*

éninsdoy wixlov F.
22. PN] N e corr, V.

corr. ex slofy V, comp. F. 26. 74] (prius) corr.
5
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doti Toig and vov AE, EP. voig 0t amo tav A,
5P loov éotl ©0 dmd ijg AP Spdv) yag 7 vno AEP:
70 doo amo i AB loov foil té and vig PA: ley
doa  AB i) PA. alde tf) utv AB ion dovlv éundory
w6v BT, 4E, EZ, HO, OK, v; 6% PA lon fxavioe
oy PM, PN* éxvary &g vov AB, BI', A4E, EZ,
H®, OK éndory rov PA, PM, PN loy éotiv. wual
gnel 0vo of AP, PM dvel vaig AB, BI' ioaw &lolv,
nol Bieg 1§ AM Bdeer vf] AT Omoxeran ion, yovie
doa 7 vmo APM yovig tf) vnd ABI éemwv ioy. dia
10 avre O xal 7 pdv vwd MPN zjj Omd AEZ éetwv
ion, % 0 9mwd APN vj tmo HOK.

'Ex toiév Goo yovidy mnidev vov twd APM,
MPN, APN, of elow loow toiel taig dodeloaig Tals
tmo ABI, A4EZ, HOK, orsgse yovia cvvécraros
% meog T® P megueyoudvy vmd tév APM, MPN,
APN yoviov omweg &0e moiijdat.

Arjppe.
“Ov 0% vodmov, ¢ wsitéy éov ©0 dmd vijg AB 0D
ano rijg AE, éxelve loov Aefeiv éove o dnd tig AP,
desltouey oUrwg. éxusiodwoav af AB, AF eideia,

1. voig 06 — 2. AP mg. m. 1 F. 8. PA] e corr. V.

4. P4] corr. ex AP V, 5. OK] corr. ex HK m, 1 B.

Ante P4 del. 4 m. 1 P, 6. Post PN ras. 3 litf. V.

7. éotlr] om. V. 8. AP) P4 F. gle/ Vb, comp. F.

9. Ante yovie ins. xel m. 2 V. 10. yovig] om. B; post

ins, F. 11. MNP F. lon éetiv TV, 14. toiely B.
15. evvlotatar FVh. 16. ] om. o. ©¢] mut. in

0 b, 6 @. roﬁvg tév dmd b. 17, Gweo £der mornoar] om.
V. nofjoc) dsion Pb, yo. morijeer mg. b. Seq. duo casus
singulares cum demonstrationibus, u. app. Hoc lemma in
b et in textu (b) et in mg. a m. 1 (f) reperitur, add. ye.
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AP} = 45% 1+ EP? (I, 47];
nam [ AEP rectus est. quare 4B® = PA% itaque
AB = P4, sed
AB=Bl'=AdE =EZ=HO = 0K et
P4 =PM= PN.
itaque
AB =Bl = 4E = EZ =— HO® = @K = PA=PM
= PN.
et quoniam duae rectae 4P, PM duabus rectis 4B,
BT aequales sunt, et suppositum est, esse AM= AT,
erit etiam [ APM= ABI [I, 8]. eadem de causa
erit etiam | MPN = A4EZ, [ APN = HO®K.

Ergo ex tribus angulis planis 4/ PM, MPN, APN,
qui tribus datis angulis 4BI', 4EZ, HOK aequales
sunt, solidus angulus constructus est, qui ad P positus
est angulis 4PM, MPN, APN comprehensus; quod

oportebat fieri.”)

Corollarium. _
Quomodo autem fieri possit, ut sumatur 5P? = 4 B?

- 452, sic demonstrabimus.
exponantur rectae 4B, 4,5, et maior sit 4B, et

1) Quae in codd. sequuntur demonstrationes casuum sin-
gularium, ab Euclide profectae esse non possunt. nam prae-
paratio p. 62, 14 (u. adn. crit.) omnino necessaria, si tres casus
separantur, manitesto interpolata est, neque post clausulam
legitimam p. 68, 18—17 plura addi possunt. praeterea demon-
strationes ipsae uerbosiores sunt neque apud Campanum in-
ueniuntur, neque consuetudo fert Euclidis, ut ad omnes casus

respiciatur,

ovt0g. 18. 2fjppe] om. codd.  20. z6] om, F; add. m. 2,
sed euan. 21. deléousy P
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xol Eotw pelfov v AB, ol yeyoipdo én’ advig Nuc-
xUxdiov 0 ABI, xal &l 10 ABI quuxvxdiov évno-
poeda tij A5 svdele py psllove obey tijg AB dia-
pétgov lan 1 AT, xel émstedyPw % I'B. Zémel otw
dv quinvxdio v AI'B yovie dovlv § om0 AT'B, dod
doa detly 1) Umo AT'B. v &pa dmd vijg AB lgov
éotl voic and vov AI', I'B. &6t 76 dnd 77 4B
Tov dwd vijg A peitdv fom ve dwd tijg I'B. oy
0t n AT v} AF. 70 &ga énd tijs AB Tod amd vijg
A peitév éow ve amd wijg I'B. édav otw vjj BI
leyv o EP dmoddfaysy, dotar 7o and tijs AB Tod
dmo tiig A& ueibov vd and vig EP° Omep mooéxeivo
TOLTGOLL.
%0".

‘Ecv o6t1egedv Um0 magaidjleov Iminédov
megLéynraL, te dneveveiov avtod émimeda loa
te nal wegaldnidyoappd é6tiv.

Zregeov pog 10 'AOH vmd magadlijrov éminé-
dav megueyéodm tov AI'y HZ, A@, 4Z, BZ, AE:
Adyw, Ot T dmsvevriov avtod énimsde low Te xel
nopadlinidpoapud éotiv.

'Emel yop 0vo émimeda moapdAdnie ve BH, I'E
omo mmédov trov AT téuverar, of xowael avrdv To-

2. ATB b, gl — Auxvndov] om. b, ABI
AB P.  quwdnliov] ® f. foudcdo f. 3. uy peifove
— &wepéreov] om. Bb.  4B]l m. 2 P. 5. z6] corr. ex vo m.
1 16 A'B yovie] om. b. ATrB] B ins. m. 1 P, B in
ras. F. " dmd] om. b~ éed) — 6. AT'B] yoviu 498 fomwy
b. 7. év] Tijs b. I'B] supra scr. m. rec. P. BoTE]
om. b, AB] AB doa b, 8. peitév dovi] vmeeéyer P.

9. 7fj] postea 1ne. V. 6 &oa] doze 76 Py 16 b.  A4B] 4B
doa b, AB peitév dom P. 10. peifoy éors] om. P. vije]
m. 2 F. dav — 13. mosfjocn] om. b. 10. BI'] corr. €x
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in ea semicirculus describatur 4BT, et in semicirculo

ABTI recta AT aptetur [IV, 1] rectae 45 aequalis,
quae maior non est diametro 4B, et ducatur I'B.

iam quoniam in semicirculo 4 BI positus est , 4T'B,

rectus erit [ 4I'B [III, 31]. itaque

Q AB? = AI®  I'B® [I, 47]. quare

_\ erit AB*—+ AI*==TI'B%. uerum AT

4 B 4F itaque I'B* = AB® + 45"

ergo si sumpserimus & P=BT, erit 5 P* = 4 B* +— A 5%

quod oportebat fieri.

XXIV.

Si solidum planis parallelis comprehenditur, plana
eius inter se opposita aequalia sunt et parallelo-
gramma.?)

Nam solidum I'4@ H planis parallelis comprehen-
datur AT, HZ, 4@, 4Z, BZ, AE. dico, plana
eius inter se opposita aequalia esse et parallelogramma.

nam quoniam duo plana parallela BH, I'E plano
AT secantur, communes eorum sectiones inter se

1) Haec propositio parum diligenter exposita est; intelli-
gitur epim so?idum sex planis parallelis comprehensum neque
pluribus, et plana, quamquam omnia parallelogramma sunt,
non omnia aequalia sunt, sed opposita sola inter se aequalia.

BV, I'BBFp.  11. %] v 8.  AB psifov P. 12, psi-
ov] om. P. PE P. omep — 13. moujoor] om. V.

14. x8’] corr. ex =y’ F. 17, megoldnldyoupn] mopdiinle
b, mg. m. 1 yo. mapailnldyooupe (comp).  -yewppc oz o,

m 2 add, V. éon B, 18. T4©@H] corr, ex T4H®
V, T4H® b. 19. ZB BF. 21, magdliyie b et seq.
ras, F, -yeapud &6ty supra m. 2 V, 22. Post émimede

ins. duowe m, 2 F. nogiddnle] supra ras. m. 2 V.
23. réwwovzor V.
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pol mogeAdydol elaw. mapdiinlog dgo fetiv 1) AB
tfj AT, modw, émel 0Vo énimede magdiinle vo BZ,
AE 9o émmédov tov AT véuveron, af xowal adrtov
topal wagdrdnhol glow. mapddinhog &oa fotlv v BI
tfj Ad. 0siydy 0% xal 3 AB vfj AI' magdAiniog
nogalinAoygeppov &oa €otl vo AL Oupolwg 07 Osl-
Eousv, 01t %ol Exaotov tév 4Z, ZH, HB, BZ, AE
mapodinAoygaupcy éorwy.

‘Enctevydwoay af A®, AZ. xol énsl meupdiinidg
dorw % wpiv AB tjj AT, 7 0% BO =jj I'Z, 8vo 0y
af AB, BO Grropsvor GAMjlov mage Ovo svdelag
vog AT, T'Z amvopéves ciljlov slelv ovx v 1
avrg émméde* loag doo ywviag msguébovary: lon dga
% om0 ABO yovie v vwd AT'Z. xal énel 8o af
AB, BO dvel vaig AT, I'Z i6ar sielv, xel povie 5
im0 ABO yavig vi) vno AT'Z éerwv ley, Pdoig &oc
N A® Bace ) AZ éotiv ion, xel 10 ABO tolyevov
16 AI'Z touydve leov éotiv. xal éoti Tov uiv ABO
dumddeiov 6 BH megaiinidyoepuov, toiv 08 AT'Z
dinddaiov ©0 I'E magaddnidpgauuor: leov dpe v6o BH
nagoidnidyoappov ve I'E magediniopoduue. Ouoleg
o Oslkopsv, Orv xal 70 wdv AT ©¢ HZ denww idov,
70 0¢ AE ¢ BZ.

'Eav dga ottosov vmd magadljiov imimidwv megi-
éynren, o dmsvavtiov avvod Imimeda loa te el
nogaAdnAdygapud doTiv: Omsg #0& deitor.

1. glol Vb, comp. F. 2. I'd B. mapdiinia] om. V.
BZ] supra scr. I' b; corr. ex BI' V, 3. zéuwstair] corr. ex
tépvovtar b, 4. &loe Vb, comp. F. BI'] corr. exAI" b; B
in ras. B. 9. éoti magddinlog Vb, 10, 4] corr. ex I'd V,
r4b.  18. megiégovowwy BF (in F corr. m. 2).  15. elof VD,
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parallelae sunt [prop. XVI]. itaque 4B rectae 4TI
parallela est. rursus quoniam duo plana parallela BZ,
AE plano AT secantur, communes eorum sectiones
® parallelae sunt. itaque
BT rectae 44 parallela
est. sed demonstratum est,
- —~ esse etiam 4B rectae

r 2 AT parallelam. itaque
/7 AT parallelogrammum
est. similiter demonstra-

4 E bimus, etiam singula 4Z,
ZH, HB, BZ, AE parallelogramma esse.

ducantur 4®, A4Z. et quoniam 4B rectae AT,
BO rectae I'Z parallelae sunt, duae rectae 4B, BO
inter se tangentes duabus rectis 4I', I'Z inter se
tangentibus parallelae sunt non in eodem plano po-
sitae. aequalés igitur comprehendent angulos [prop. XV].
itaque [ ABO® — AT'Z. et quoniam duae rectae 4B,
B@® duabus 4T, I'Z aequales sunt [I, 34], et L 4BO
=AdI'Z, erit etiam 4@ = AZ, et A ABO® = AT'Z
(I,4]. et BH=24BO®, 'E—=24IZ [I, 34]. ita-
que BH = I'E. similiter demonstrabimus, esse etiam
AT= HZ, AE — BZ.

Ergo si solidum planis parallelis comprehenditur,
Plana eius inter se opposita aequalia sunt et paral-
lelogramma ; quod erat demonstrandum.

comp. F. 17. lon éort BV D, 18, ifoov fgviw: nal éovi]
om, F, hab. g. attv] éee¢ PBV, comp. b. 20. BH] ¢
seq. lac. 4 litt. 21. 70 I'E megalinloyodppo] om. F.

22 HZ] mut. in HE b. 24, dmwidoy — 26, deikoun] nal
o igng V. 26. wagallnliyoapue] magdiinie b, corr. mg.
m. 1,
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Ecv dregedv mopallinlemimedov émimédo
tun i wegeiifie Svri voig amevavtiov ém-
nédorg, E6rar dg ) fdeig mwedg TYY fdoLy, oD-
TWG TO GTEQEOY WQOG TO GTEQEGY. '

Zrepeov pag mogaddnenimedov ©0 ABILA émi-
nédp v ZH terufode mogadifdeo Svre voig amsvey-
tlov émmédorg toig PA, A® Aéyw, Ot éativ g 7
AEZ® pdeig meds iy EOI'Z fdewv, ovrwg 0o
ABZY erepeov moog 0 EHI A oregeov.

"ExPeflijoda yoo 1 AO @’ éxdregn To udon, xel
xslodwooey tfj ptv AE e (cudnmoroiv of AK,
K4, tj 6 E® loo Seaudymoroiv of @M, MN, xel
svumeninowede e 40, K®, OX, MX magaiinio-
yooppe xol te AII, KP, AM, MT ovspect. xel émel
toow slelv of 4K, KA, AE eodsiow arlijlong, oo
dotl xal ta ulv 40, KD, AZ nogalinidpgouue
dAdjdosg, o 0% KB, KB, AH aAljiog el ére t&
AW, KII, AP daljlog’ amevavriov pdp. O &
avre 0y xal va utv ET, @X, MX maguilniopgapue
loa gloly adddjdowg, ta 0% OH, @I, IN loa siclv di-
Mjdowg, el Erv ta 4@, ML, NT- zgia dpa énimede
rav AII, KP, AT cvegeav toioly émmédorg éoviv
i6e. aila To tole TQLel TOlg Amevavtiov éoriv lew:

1. z’] »& F. 2. megdilnlor Emimedov Fb.
4. ottw B. 6. wagdliniov énlmedov Fbh. 6 b.
10. ABZT] Z in ras. m. 1 B. 14. 40] in ras. F; corr. ex
A0 m. 1 b, 16, AII] A corr. ex 4 b, AM] M”44’
b. Ith] NTP, M b. 19. 4P] 4 e corr. b. 21, 1o
0é — q'u.nlo:,g] mg. m. 2 euan, F. @) OP e corr. b.
INJ'I"N, I corr. .ex P b, 23. égtly] elolv P. 24. Tot-
oty P.  éovtv] mut, in eloéw b, sleiv F.
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XXV.
Si solidum parallelepipedum?') plano secatur planis
inter se oppositis parallelo, erit ut basis ad basim,

ita solidum ad solidum,
Nam solidum parallelepipedum ABI'4 secetur
plano Z H planis P4, 4@ parallelo. dico, esse
AEZ®:EOI'Z = ABZY: EHI' 4.
producatur enim 4@ in utramque partem, et po-
nantur quotlibet rectae 4K, KA rectae 4E aequales,

i

A
=

\ 0 Q"—\_Z T

K 4 1‘5'/ 6 M
rectae autem E® aequales quotlibet @M, MN, et
expleantur parallelogramma 40, K@, ®X, MZX et
solida 41T, KP, 4M, MT. et quoniam 4K = K 4
= AE, erit 40 =K® = AZ, K5 = KB = 4H?)
et practerea 4% = KII = AP; nam inter se oppo-
sita sunt [prop. XXIV]. eadem de causa erit etiam
Er=0X=MX, OH=@OI=IN, 460 = MK
= NT. itaque solidorum AII, KP, AT tria plana
tribus planis aequalia sunt. werum tria illa plana tribus,

v
-

N

1) Sicut in primo libro (prop. 34) post propositionem prae-
cedenti correspondentem sine definitione infertur uocabulum
negodlnloyoaupor, ita hic mepaldnleninsdov usurpatur, nomen
per se perspicnum etiam nulla praemissa definitione.

2) Nam et angulos et latera aequalia habent. ergo etiam

similia sunt,
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to. dga vole ovegee 1o AIT, KP, AT i6e éAinioig
doviv. O ta avte 0% xal ta Telx orsgsx va EA,
AM, MT ioa arijlog éetlv: b6amAaciov &go éotiv
n AZ Baaig vijg AZ fdeswg, ToGaUTATALGLOY E6TL
xoel 10 AT oregedy Toi AT 6rsgeov. O To avTa
07 ocamiaciov derlv ) NZ fdawg tijg Z@® fdocwg,
rosavraniaoioy éote xol 6o NT etegeov tod @Y oze-
ecov. xoal & lon dorlv n) AZ Paeig vy, NZ fdoeL,
loov ol xal to AT ovsgsov 19 NI oregecd, xal &
vnegéys 1 AZ fdeig viig NZ Pdoswg, vmepdyer xal
76 AT aregeov tov NT etepeov, xal sl AAsimwer, EA-
Aeimer. teaeigov 01 Sviov usysddv, 0vo pdv Pd-
csov vov AZ, 2O, 0vo 0% orepeiv tdy AT, 10,
sidnmron lodnig moddamddow tis uiv AZ Pdecwg xal
100 AT evegeot 1 1¢ AZ Pooig nel 10 AT Gregsdv,
vijg 0% OZ Paoiwg xel Tov O oregeot 7 ve NZ
paaig #al 10 N oregsov, xal 0é0euxtar, v & vmeo-
éev 1 AZ Pdoig tiig ZN Pdcemg, Umepéyst xal o
AY aregeov vov NT [oregeod], xal &l lon, leov, xol
& 8AAeims, AAelmsr. Eemiv dga og § AZ ﬂoio‘bg w08
iy ZO ,Boio'w ottwg 70 AT 6vegeov mpog 1o TO
oregeby” Omsg e Osika.
x5’

IIgog tf] doPeioy svPelq xal 16 mpodg avTy
enusip ty dodeloy 6repsd yovig lany aregedy
yoviey dveridacdar.

1. aga] & supra m. rec. P; post ras. 2 litt. F. Ta] e
corr. V., 1;KHF supra 4 ser. 4 m. 1b. 2. ozl v,
comp. b, elol te] (alt) ins. m. 2 F. 3. éotlv] mut.
in sloév m. 1 P. 4. AZ] AZ supra scr. 4B m. 1 b.
rosowtonlaciov b et e corr. F. 7, éori) supra m. 1 P.
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quae iis opposita sunt, aequalia sunt [prop. XXIV]. "

ergo Al = KP=AT.") eadem de causa erit E4

=AM =MT. itaque quoties multiplex est AZ

basis basis 4Z, toties multiplex erit etiam solidum t
AT solidi AT. eadem de causa quoties multiplex est :
basis NZ basis Z@®, toties multiplex erit etiam soli-

dum NT solidi @Y. et si AZ = NZ, erit etiam

AY = N7, sin AZ > NZ, erit etiam AP > N7, sin

autem 4Z < NZ, erit AT < NT. itaque datis quat-

tuor magnitudinibus, duabus basibus 4Z, Z® et duo-

bus solidis 47, T® sumpta sunt aeque multiplicia

basis 4Z et solidi 41 basis 4Z et solidum A7,

basis autem @Z et solidi @1 basis NZ et solidum

NT, et demonstratum est, si 41Z > ZN, esse etiam
AT>NDY, sin AZ=2Z N, esse AT = NT, sin

autem 4Z < ZN, esse AT < NT. erit igitar 4Z

120 =AT: 70 [V def. 5]; quod erat demonstrandum.

XXVI
Ad datam rectam et punctum eius angulum soli-
dum construere dato angulo solido aequalem.

_.1) Ex def. 10, quia plana ea comprehendentia etiam si-
milia sunt bina simul coniuncta. de trinis u. pag. 756 not. 2.
de ceteris ex prop. 24 sequitur, nec opus erat, ut ibi propria
demonstratione ostenderetur, quia p. 72, 17 demonstratam est,
triangulos congruentes esse (u. I, 4), h. e. foor z& nol Guose.

8 % 4Z] bis P, corr. m. 1. 9. égv/] supra scr. comp. m. 2 F.
AT] supra 4 scr. A m. 1 b. 10. NZ] Z in ras, V.

18. zaév] supra scr. m. 2 B. 04] corr. ex 0y m. 2 V, &7 b.
Tdy] supra scr. m. 2 B. 15. AZ] corr. ex 4Z m, 1 et

m 2b.  16. @T] E4, E in ras. P. 18. ZN] NZ BVb.
19. gtege0d] om. BFVb. ton] teov PFV et in ras. b.
20. 7] supra scr. m. 1 P.  25. -onv e corr. m. rec. V.
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"Eotw n ulv dodeica s0deie % AB, ©o 0 moog
avri] dodtv enusiov ©0 A, 1) 0% dodsice avegen yo-
vie 9 meog 1% A megusgousvy vmd tov vwo EAT,
EAZ, ZAT yoviev émnédov: dei 07 mods t5] AB
evdsle xol TG medg avry enuelo T A T weodg TG
A orsged yovig lony evegeav yoviay everieacdar.

EiMdpO0 pag éml viig AZ tuyov enusiov 16 Z,
%ol Nyde 'dwd vov Z éml ©o O vdv EA, AT éni-
nedov xadsvog ) ZH, xal ovufoiléze vo dminéde
xave v0 H, xal énstevy®o 1 AH, xal 6vveetdre weog
©fj AB 0Pely xol Tl mweds ave enuelp vi A T
ptv 9mwd EAT povig ien 9 vmd BAAd, vf 8% Omo
EJH ien 7 vwd BAK, el xsi6dw t; AH lon 7
AK, xal dveordto dmo rvob K enusiov té Owx vaw
BAA émnédp mwods oodas 1 KO, xal xeiedw oy
) HZ % KO, xal émelevydo 1 OA° idyo, Om 7
ngds 10 A evege yovin meguegoudvy Vmd oy BAA,
BA®, @44 yovidy iey fotl jj medg ve) A 6TEQd
yovie T meguegouévy mo twy EAL, EAZ, ZAT'
YOVIHD.

‘Anetdipdweay yoo lea of AB, AE, nal énslevy-
Sweav of OB, KB, ZE, HE. xal énsl v ZH 991
dotL wEog TO UVmoxelpsvov émimedov, mal mog mEGHS
dga Tag amvopdveg avrig evdelag xel oveug v TP
Vmoxeuéve Emméde oedcg moujes yoving ded doe

8.76] mut. in 76 m. 1 b. 4. EAZ) Z non liquet in F.
5.t A tjdP.  9.7¢]om. P. 16 éminédp)suprascr. m. 1F.

12. 6¢J om. F. 14, 4K] K e corr. m. 1 F. ~ 16. 5] (tert.)
supra m. 2 P. 18, dozéw B, corr. m. 2.  Post A ras. i lit. B.

19. vjj] om. Vop. ZAJI'] supra scr. m. 2B, 21, of looe
B, corr. m. 2. 22, KB, ZE, HE] ZE” HE” KB’ Vb (in

HE tertia lineola add. in b); ZE, HE F uel potius ¢, in ZE
unestig. 2 lineolarum.



ELEMENTORUM LIBER XI. 79

Sit data recta 4B et datum eius punctum 4, datus
autem angulus solidus is, qui ad 4 positus est angu-
lis planis EAI'y EAZ, ZAT" comprehensus. oportet
igitur ad rectam AB et punctum eius 4 angulum
solidum construere solido angulo, qui ad 4 positus
est, aequalem.

sumatur enim in 4Z punctum aliquod Z, et a Z
ad planum rectarum E A, 4T perpendicularis ducatur
ZH [prop. XI], et cum plano concurrat in H, et du-

e

™~

E A

catur 4 H, et ad rectam 4B et punctum eius 4 con-
struatur [/ BAA = EAI', [ BAK =EAdH [I, 23],
et ponatur 4K = A4H, et in puncto K ad planum
rectarum B 4, 4.4 perpendicularis erigatur K@ [prop.
XII], et ponatur K® = HZ, et ducatur @4. dico,
angulum solidum, qui ad 4 positus sit angulis BA 4,
B 46, ® 44 comprehensus, aequalem esse angulo so-
lido, qui ad 4 positus sit angulis E4I"y EAZ, ZAT
comprehensus.

abscindantur enim 4 B, 4 E inter se aequales, et
ducantur ®B, KB, ZE, HE. et quoniam ZH ad pla-
num subiacens perpendicularis est, etiam ad omnes
rectas eam tangentes et in plano subiacemti positas
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dotlv éxatége tdv vmo ZHA, ZHE yovidv. O 1o
ovte 01 %ol Exaréoe TtV vmd @K A, OKB yovicy
009 d6twv. xal émel 0vo of KA, AB 0vo teig HA,
AE oo sialv sxavéon éxaron, xal povieg ioag megi-
éovewv, Pdeig dpoe m KB fdest ) HE ley doviv.
ot 0 wel 1) KO vfjf HZ loy' xol ypovieg 69das
weguéygovary” lon Goo xal ) OB vfj ZE. mdlw émel
0vo af AK, KO dvel raig 4H, HZ looaw &lolv, xal
povieg dpBagc msgiéyovew, fdeig ko ) A@ Bdes T
Z4 lon deviv. &6tv 0% nal ) AB 1) AE iy dvo

0y af @A, AB 0vo taig AZ, AE oo &lolv. xnal

Pdaig 7 @B Pdos i ZE len povie dea % vmo
BAO® povig vfj Und E4Z éonwv lon. dia to avte
07 xal 3 Umd @A A v Vnd ZAT éovwv lon [énadimso
dav amoddfousy loag vag AAd, AT xol misvEousy
teg KA, @4, HI', ZT', émsl 8in 5 vmo B.A.A oly
vij vmd EAT éomwv lon, ov % Omd BAK ©jj vmo
EAH Vdndxsivon ion, Aowms doa 1 om0 KAA lowni
vjj vm0 HAL dovev lon. xol émel 0vo of KA, AA
ovel taig Hd, AI' lea slalv, xol yovieg leug megi-
éyovewv, fBdowg Goo v KA Pocer v HI' éovwv lon.
Eots 0t el ) KO v HZ lon 0vo 07 of 4K, KO
oval tais I'H, HZ &low ico nel pavieg bedds
weguéyovawy® Baaig doe 1) @A fdos v ZI' demuv lom.
xel énel 0vo of @A, AA dvel taig ZA, AT elow
toou, xel Pdowg 1§ @A Pdeer vj ZI' domww iom, yovie
doe f vmd @Ad yovig v vmo ZAT denw loy).
Zove 0% wol ) Omd BAA tfj 9md EATL lon.

ITgog &ge ti dodeley evdely ©jj AB xol v WQPOS

8. éort V, comp. Fh. dvo] (alt.) dvel Vb, 4, meot-
éyovee PVYb. 5. BXKB. HEJE'H"F. Zorfv] om. VDb
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rectos angulos efficiet [def. 3]. itaque uterque angulus
ZHA4, ZHE rectus est. eadem de causa etiam uter-
que angulus ®K 4, OKB rectus est. et quoniam
duae rectae K4, 4B duabus Hd, 4E singulae sin-
gulis aequales sunt, et angulos aequales comprehen-
dunt, erit KB = HE [I,4]. uerum etiam K® = HZ;
et angulos rectos comprehendunt. itaque @B =ZE
[id]. rursus quoniam duae rectae 4K, K@ duabus
4H, HZ aequales sunt, et angulos rectos comprehen-
dunt, erit 4@ = Z4 [id.]. uerum etiam 4B = AJE,
itaque duae rectac @4, 4 B duabus 4Z, 4E aequales
sunt; et @B = ZE. itaque [ B4A® = EAZ [], 8].
eadem de causal) erit etiam [ @44 = ZAT. uerum

erat etiam [ BAA = EAI.
Ergo®) ad datam rectam 4B et punctum eius 4

1) Haec uerba (lin. 18 seq.) satis ostendunt, ea quae sequuntur
lin. 14 —27 genuina esse non posse; huc adcedit, quod totus
ille locus perplexiore sententiarum mnexu laborat, quam quo
utitur Euchides.

2) Simsonus iure uituperauit, quod nusquam demonstratum
est, angulos solidos, qui aequalibus angulis planis eodem ordine
contineantur, aequales esse. nam hoc quasi axiomate nititur
demonstratio Euclidis. saltim ad similitudinem def. 10 definiri

debuerunt aequales anguli solidi.

8. foiv PB, comp. b. 7. meguéyovee Vho. oy} Pdois
Vb et o ‘}non ). #al] om. V et ¢ (non F), ZE| ZE
loy dotl Vb; yo. ion &ox wei 1) OB 75; ZE mg. m. 1 b,
8. #le/ Vb, comp. 1171 9. wegiéyovar Vb et @ (non F).
10. Z4) B4 F, 4Z B. &ruwv B. 11. 42, AdE] “4Z’ ZE,
supra alt. Z scr. 4 m. 1 b; litt, 42, Z eras. V; Zd, 4E B.
elol V, comp. Fb. 14. @44] @44, corr. m. 1 b.  ZAT]
“4Z’'T'"F. 15, AT] AT, sed corr., b. 16. KA] AKF.
4] corr. ex @4 ¥'b, 20. dvalv B. slotv] comp. F, elo!
wegiégovey] BF, megiéyovee PVbo. = 22. fomw FB.
K@l 0K F, AK] e corr. b, 24, megiégovee Vb,
2. loow sloty B, 26, ZI') I'ZF. yovia] nei yovie BEVD.
27. ©44] corr. ex @B4 m. 1 b.

Euclides, edd. Heiberg ot Menge. IV.

6
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3~ , ~ ~ . - , ~ \
avty enusieo to A vf) dodeloy oveged ywvig i TYog
0 4 oy evvéorarar Gmep s moutioal.

xE’.

‘Ano tijg dodelong evdelag v dodévrL Gre-
06 magadiniemimédo Guoidv ve xal Opolwmg
xnelusvov Oregsov magariniemimedov ava-
yoopal.

"Eotw % uiv dodeica evdeio ) AB, 7o 0% doddv
oreedy magadinlenimedoy vo I'Ad* st O1 amd vijg
dodelang svdelag tiig AB ©d doPsvre oregedd magal-
Inlemimédo te I'A Guody ve xal bpolwg xesipevov
6Ts0e0v mapudinheninedov avaygdpo.

Svvsordre po@ meog tf) AB e0¥sle xal T mEog
wlrf] onuele t¢ A tf) meog v I oreged poviyg loy
% msoueyoudvy vwod tév BAO®, @®AK, KAB, doze
leny &lvar iy pdv vmd BAO yoviev v vxd EI'Z,
my 0¢ vmd BAK tfj vmd EI'H, vy 0% Omo KAO
=i} vmd HI'Z* xal pepovire og piv 5 EI' medg tiv
T'H, otnwg ) BA mods vy AK, og 0t 3 HI meds
v I'Z, otrwg 17 KA moog tw A6. xal 8 isov
o éativ og 1) EI" mpdg v I'Z, otrwg 1) B.A moos
mp AO. xal cvumeninewodw to OB mupaAindo-
yoopuov xal 70 AA dregedv.

Kol énel domwv og 9) EI meds vqv T'H, obrwg 1
BA moog iy AK, xal megl leag povieg rag vmO
ETH, BAK of whsvgel avdlopdy elav, ouotov &oe
ol ©0 HE mogaiindopeepuov v KB magaiinio-

2. owwlorae, ¢ in ras, V; ovvesrdzo @.  moidjood] deiken,
mg. ye. wowjear, m. 1 Vb, 3. x£’] m. rec. F. 5. mopoi-
Anlwemem. corr. in megodinlosmim. b, qui hanc formam lin. 6
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dato angulo solido, qui ad 4 positus est, aequalis
angulus constructus est; quod oportebat fieri.

XXVII.

In data recta solidum parallelepipedum construere
dato solido parallelepipedo simile et similiter positum.

Sit data recta 4B et datum solidum parallelepi-
pedum I'A. oportet igitur in data recta 4B solidum
parallelepipedum construere dato solido parallelepipedo
I'4 simile et similiter positum.

construatur enim ad rectam 4B et punctum eius
4 solido angulo, qui ad I'" positus est, aequalis angulus
angulis BA®, ® 4K, K AB comprehensus, ita ut sit
LBA®=EI'Z, BAK=EI'H, KA®= HI'Z [prop.
XXVI]. et fiat

EI'rTH=BA: 4K, HI''TZ=KA4: 40.
quare etiam ex aequo erit EI': I'Z=BA4: 46 [V,
22]. et expleantur parallelogrammum @B et solidum 44,

et quoniam est EI': I'H = BA: 4K, ot latera
aequales angulos EI'H, BAK comprehendentia pro-
portionalia sunt!), erit HE ~ KB. eadem de causa

1) H. o. ,et quoniam aequales sunt anguli, quos latera
haec proportionalia comprehendunt®. de eo, quod inde con-
cluditur, esse HE ~ KB, cfr, uol. I p. 158 not. 2.

pragbet. 8. ¢d@eix] postea add. m. 1 P. 14, yovig

ozeged Vb, 1. tav] wodw vmo Vb. - 17, i 0€] nel

# vw Theon (BFVb), 18. HI'Z] litt. HI' e corr. b.

tjv] om. FVh. 19. HI') 'H Vb. 21, TE P.

Zr P. 22. @B] Pb et corr. ex @' m. 1 V; BO B et
23. AA] in ras. V, A4b. 24. 5]

ut uidetur F (HE @). .
(prius) supra m. 1 F, wiw T'H] mg. m, 1V, I' litt. e corr.

26. af] naf comp. b, xed corr. in af V.  Ante doo eras.
y m. 1P 27. éotiv P. KB] litt. B e corr. b. mog-

olinloyecpe P.
6*
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pocupe. Oix to avre 07 xel to piv KO magalinid-
yoapuov 16 HZ magalinlopodupem Gpoidy fote xal
v ©0 ZE v OB voln doo mapadinidpgappe tov
'4 ovepeov toai mapalinloygapyors tov AA ore-
0c0v Spowe doTwy. dAda o utv Tolw TQLGL Tolg dmwEvay-
tiov loa ©é Zoti wmel Cporx, ta 0% vole TELGL Toig
amevavriov iGe té dovi xal Opown Glov doa to I'd
orege0y CAp 16 A.d 6TEQed Guowov doTiv.

‘Ano tijg dodslong Goa svdelng vijs AB Te do-
dévre oveged mogadindemnidn ve3 I'd Guotdy ve xed
duolwg xeluevov aveyfygamron vO AA° Omeg #0e
TOL O,

xn’.

‘Eav 6vegedv maguliniemimedov Smimédp
Tundf xete Tag dreyoviovg TAYV Amsvavriov
iminédaov, 0iya Tund1joeTaL TO GTEQEOY VIO TOV
émimedou.

Zvegedv yoo maguiiniemimedov T0 AB imméde
16 FAEZ terpijedo xare vag diayoviovs tév Gmev-
aveiov émnédov tag I'Z, AE: Aéyo, St 0iye tungd-
oetar 10 AB otegeov Vo 1ot TAEZ émmédov.

‘Emel yoo leov dori 10 v TI'HZ roiyovov tg
I'ZB toiyéve, ©0 0t AAE v AE®, s 0% xel 70
utv I'd mageiinioyeauuov t EB leov: dmevavriov
yag v0 0k HE ¢ I'®, nal 16 molope oo ©0 megi-

1, pév] mg. m. 1 V. 8. zod] mg. m. 1 V; ante hoc nocab.
rep. lin. 2. Gpotdr — 3. 7od, sed delet. m. 1 V. 4. rotofw B.
6. z¢] om. P.  za 8¢ — 7. Spoia] punctis del. b, del. m.
2 B, om. F_V. 6. totoly P. 9. doo dodelorg Theon (BFVb),.
12. wotijows] dsikar PFVb; yo. motfjoes mg. m. 1b.  13.1
F. 16. -py- in ras. m, 1 P. "~ 21, 9mé 709 I'4 in ras. m. 1 B.
28. I'Z"B’ Vb. &y P. wel] nel og P. 24 BEF.
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erit etiam K@® ~ HZ et ZE ~ @B, itaque tria par-

allelogramma solidi I'4 tribus parallelogrammis solidi
A similia sunt. ue-

4 rum in utroque so-

A— 4 lido tria parallelo-

00—\ gramma tribus,

quae 1iis opposita

-v /Y sunt,aequalia’)sunt

. Y 1 B et similia. itaque

I'd~ A4 [def.9].

Ergo in data recta 4 B dato solido parallelepipedo

I' 4 simile et similiter positum constructum est 4.4;
quod oportebat fieri,

XXVIIL
Si solidum parallelepipedum secundum diagonales
planorum inter se oppositorum plano secatur, solidum

plano in duas partes aequales secabitur.
Nam solidum parallelepipedum

£ X AB plano 'dEZ secundum dia-
) gonales planorum I'Z, 4 E inter
D 5 se oppositorum secetur. dico, so-
AV lidum 4B plano '4EZ in duas

4 4  partes aequales secari.

Quoniam enim I'HZ =I'ZB et AJE = JE®
(I, 34], et praeterea I'4 = BE (nam inter se oppo-
sita sunt) et HE = I'® [prop. XXIV], prisma duobus

1) Ex prop. XXIV. cor eadem similia sint, supra dictom
est p. 77 not. hoc solo utitur; nam ut adhibeatur def 9,
satis est demonmstrare, duo solida owmnibus planis similibus

contineri.
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gyoucvoy vmo 0vo piv toupovey tév 'HZ, AAE,
zoiv 0% mapaiinloygdpuwv véy HE, AT, I'E ioov
dotl ©g molouar. 6 megueyopdve Vwd 0o wiv Tgi-
yovay tév 'ZB, A EO, toidy 0% magalinloyocupav
5ty I'®, BE, I'E' V10 pag iGov émmidwy megiéyov-
row T e wAPe xal ve peyéder. dove Ghov v0 AB
oregedy dlye térunrar Vwd 100 I'AEZ émmédov omeo
&e dsttau.
%9’

10 Te éwl tijg avrijs fdoewg Gvre orspsa maQ-
aldnienimedo xzal Dwd TO adTrd VYog, v af
épsordicar éml Tov avrtdv sldiy sUdady, loa
aAArjhotg éotiv.

"Ecro énl i evrig Pdoswg vy AB orvsgen mao-

16 adinieninede v& I'M, I'N Ond ©& edvd typog, v of
épsovdoar of AH, AZ, AM, AN, I'd, TE, BO®,
BK éni tdv adrév evdady éermoav tév ZN, 4K
Aéyw, ove loov forl ©o0 I'M ovepsov vh I'N eveged.

‘Enel pog mepedlnidpoauudy detwv Exdrsgov Tév

20 I'®, I'K, lon éoviv 9 I'B éxavépe tdv A0, EK
@ore xal § A0 tfj EK Zovw loy. xow deneiede
5 E@® loumy doa % AE lowwij tf; OK Zemw lov.
@ore xal 10 wtv ATE tolyovov ©5 OBK voupcive
loov éoviv, ©0 08¢ AH mogallnidyoapuov ©s ON

26 mogadinioyoduum. Oe e avte 01 xel vo AZH rol-
yovov ©§ MAN touyeve leov detiv. &t O} xal

7. téuvsroan BF. 9. 2¢° P. 16. ¥m6] v- e corr. m.
2 b 16. 4H] e corr. b, AZ BFV, AZ] AH BF et
ecorr. V. 20.I'B] BI'F. 23 @BK]@B K" F, OKB
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triangulis 'HZ, AAE et tribus parallelogrammis
HE, AT", I'E comprehensum prismati duobus triangulis
I'ZB, 4 E® et tribus parallelogrammis I'®, BE, T'E
comprehenso aequale est; nam planis et numero et
magnitudine aequalibus comprehenduntur [def. 10].1)
quare totum solidum 4B plano I'4EZ in duas par-
tes aequales sectum est; quod erat demonstrandum.

XXIX.

Solida parallelepipeda in eadem basi collocata et
eandem altitudinem habentia, quorum rectae eminentes
in iisdem rectis sint, inter se aequalia sunt.

In eadem basi 4B solida parallelepipeda I'M, I’'N

collocata sint eandem alti-
£ ] tudinem habentia, quorum
y rectae eminentes 4H, 4Z,
AM, AN, I'4, T'E, BO,
BK in iisdem sint rectis
ZN, 4dK. dico, esse I'M
= I'N.

Nam quoniam utrumque I'®, I'K parallelogram-
mum est, erit I'B utrique 4@, EK aequalis [I, 34].
quare etiam 4@ = EK. auferatur, quae communis
est, E@. itaque JE = @K. quare etiam

ATE=@BK [I, 4] et 4H=G@ON [I, 36].
eadem de causa erit etiam AZH = MAN. uerum

4

A 4

1) Cum hic nihil ad rem pertineat, quod parallelogramma,
quae solida comprehendunt, et ipsa solida eadem similia sunt,
parte sola definitionis 10 usus est Euclides.

e corr. V. 24. {0t/ PB, comp. Fb. dotly, ©6] Zore 14,
corr, ex dotwo V. 26. AZH] 4HZ BF.
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©0 wiv I'Z magalinioyeopuov v9 BM magalinio-
yodupe ilgov, 16 08 I'H v BN dmsvavviov pce
xel TO molope Goo TO megueydusvov VmO 0vo wiv Tl
yovay véy AZH, AT'E, vy 0% magaliniopgap-
pov tév A4, 4H, TH iGov éotl v6 molouers t6
megiegoudve Vwd Ovo uiv Touydvev wédv MAN,
@BK, todv 0% magaidniopodpucv tov BM, @GN,
BN. xowdv mpoexeiodm td 6regeov, ov Padig udv
76 AB magaiinidyoapuov, axsvavriov 8¢ 10 HEOM:
0dov &oa v0 I'M orvsgeov moparinheminedov Sip 6
I'N otegeg migadiniemnédo loov éeriv.

Te dga 2ml tijg avtis Pdeswg Svre orsgea mwg-
alindeminede xol VRO TO avTd Uyog, dv ol épseTdens
ént tdv avrdv elow ebdadv, i6a alijiowg doriv'
Omeg &0 dsikar.

A

Te éxl vijc adtijs fedewg dvra grsgee mwaQ-
aldnienineda xal Owd 1O avTO UYog, dv al dp-
serdoar 0vx loly éxl Thv avrav s0daidy, loa
adiniorg éetiv.

"Ectw énl tiig avrig Becews tijg AB 6vsgsa mag-
eddnieminede t& I'M, I'N Hmd 10 adrd tpog, ov af
épeovdoar of AZ, AH, AM, AN, I'4, TE, BO,
BK ui) éorwcav éml tév adrdy ebdady Adyw, Ou
loov éoti ©o I'M eregedv vgd I'N otegedd.

Exfspiicdwday yéo of NK, 4@ nal ovpmimgé- .

2. 7] corr, ex z m. 1 F. 3. piv vmd 8do Vb.
4. A4TE] 4ET B. 5. TH] HI'V, et supra scr. m. 1
corr. in I'H m, 2 b, 6. MAN] N e corr. V. 7. T@v]

sustulit macula in V, supra est ¢ add. » m. 2. "@N] NO
BF et e corr. V. 9. z0 HE®M] mg. (addito ye.) b; in texta
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etiam 'Z = BM, 'H = BN [prop. XXIV]; nam inter
se opposita sunt. itaque etiam prisma duobus trian-
gulis 4ZH, AT'E et tribus parallelogrammis 44,
4H, 'H comprehensum prismati duobus triangulis
MAN, @BK et tribus parallelogrammis BM, @N,
BN comprehenso aequale est. commune adiiciatur
solidum, cuius basis est 4B parallelogrammum, ei
autem oppositum HE®M. itaque I'M = I'N.

Ergo solida parallelepipeda in eadem basi collo-
cata et eandem altitudinem habentia, gquorum rectae
eminentes in jisdem rectis sint, inter se aequalia sunt;
quod erat demonstrandum.

XXX,

Solida parallelepipeda in eadem basi collocata et
eandem altitudinem haben-
N__o K P . .
fia, quorum rectae emi-

o A ® o e .
7/ Nz NE//\;y  nentes in iisdem rectis non
4 sint, inter se aequalia sunt.
In eadem hasi 4B so-
lida sint parallelepipeda
M / I'M, I’'N eandem altitudi-
\ B\ ) nem habentia, quorum ree-
AZ Y, tae eminentes 4Z, A4H,
AM, AN, T'4, T'E, B®,
BK in iisdem rectis non sint. dico, esse I'M = I'N.
producantur enim NK, 4@ et inter se concurrant

Z

ras, est. 10. oregs- in ras. m. 1 B. 11, ’'N] N e corr. F.
4ot V, comp. Fb. 16. 1] om. g. 21. fermoay BFV.
wogddinla énximede F. 22. af] supra ser, m. rec, P.
26. NK] N e corr. m. 2 b,
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to6ey dAddhug xeve ©o P, xal ¥ éxPeplijcdwoay
of ZM, HE énl ta O, II, xal émelebydwoay of AF,
A0, T'IT, BP. icov 01} éets ©o I'M 6rsgedv, ob fdois
ptv 10 A I'B.A wepalinddyeappov, amevavsiov 0% ©o
Z4@M, v I'O oregeii, ov Poeig udv to AI'BA
wegedinidyoapuov, émsvevriov 0% vo EITPO" éni
yo@ tijs erijg Pdeeds slor tijg AT'B A %ol vmd Td ard
vog, av of épeordoar of AZ, AR, AM, 40, I'4,
I'll, BO®, BP nl tov avréy siew eddsidy radv 20,
AP. édie o I'O 6rspeov, ob Puoig udv éd6m o
AT'B A magedinidygoppov, ansvavriov 0% o 5I1PO,
loov éotl v I'N eregeiy, o0 fdaig udv v0 AI'BA
negalinidygepuov, drevavtiov 0% v0 HEKN: éxl ve
yoo mdlwv vis avrije Pdoedg slor vijg ATBA xal
Dm0 16 alTd DYog, v of épserddar of AH, AF,
I'E, I'll, AN, 40, BK, BP énl rav alriv slow
evdady tov HII, NP. dere el 76 I'M ereoeov
tgov éotl 1@ I'N oreged.

T &oo éxl vfig avvije Podewg oregse mogudinh-
enimeda xel OO TO avTd UPog, dv af dpeordonr ovx
sloly éml tdv evrdy eVduewy, l6a dlijlowg éoTiv'
omep &0s Oetbeu.

8. éomv P, 8. Z4OM] d e corr. b, ZAMO F?, sed
M@ euan.; corr. in mg. Pro 70 ZAOM in B est w6 SIIPO,
sed del. 6 ZA®M — 6. FITPO] mg. m. rec. B, 5. AT'B
B. 6. 7¢] eras. V. 7. dove comp. V. AT'BA] 4 e corr,
gupra scr. A m. 1 b.  xal om0 v0 avrd tpog] August; om.
Pog; naf BVb. 8. wv] om. @; adtay B et corr. ex adrev
Sv m. 2 V; adtér dv b, AZ] corr. ex A/ m. 2 V.

9. L] TII, sed T e corr. m. 2 b; I'E P, sed corr. m. 2 euan.
10. uév] om. B, supra add. posteam. 1F. &o7c] om. FVD.
11. ATBA] Tinras. m. 2B, SIO"OP V, ZIP O b.
12, uér] om. P. piv 76 ATBA] om. 9. 13. ém(] corr.
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in P, et praeterea producantur ZM, HE ad O, II,
et ducantur 4,5, 40, I'Tl, BP. itaque solidum I'M,
cuius basis est parallelogrammum 4I'B.4, ei autem
oppositum Z 46O M, aequale est solido IO, cuius basis
est parallelogrammum AI'BA, ei autem oppositum
AIIPO; nam in eadem basi sunt 4I'B A4 et sub eadem
altitudine, et rectae eorum eminentes 4Z, 45, AM,
40, I'd, I'1l, B®, BP in iisdem rectis sunt ZO,
4P [prop. XXIX]. sed solidum I'O, cuius basis est
parallelogrammum 4 I'B 4, ei autem oppositum 5 IT PO,
aequale est solido I'N, cuius basis est parallelogram-
mum AI'B A, ei autem oppositum HEK N; nam rursus
in eadem basi sunt 4I'BA et sub eadem altitudine,
et rectae eorum eminentes 4H, 45, I'E, I'll, AN,
40, BK, BP in iisdem rectis sunt HII, NP [id.].
quare erit I'M = I'N.

Ergo solida parallelepipeda in eadem basi collocata
et eandem altitudinem habentia, quorum rectae emi-
nentes in iisdem rectis non sint, inter se aequalia
sunt; quod erat demonstrandum.

ex émelV. 14, wddiv]om. BF.  xol 976 16 adro vpog] August;
om. PF; xa{ BVD. 16. &v] adrév B et corr. ex adrdr oy
V;avzd dv b. 16. I'T] e corr. m. 2V, I’ II" b, 4N] N
ecorr. m, 2 V. 19. zijs adzijg fdoews orsgec] P 7. o p. Svra
oveged in ras. V, zijs avrijs Pacewg b; lowv fossav oregsc BF
et mg. Vb m. 1. 20. af| xel P, supra scr. of m, 2.

21. atrer] om. F.  Zouiv] sloiv BF.
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Tea énl icwv fd6cnv Cvta 6Tspsa magailni-
eximeda xal vmO 1O avrd UYog l6e aAinlosg
éariv.

"Eovew énl leov facsov tédv AB, 4 orsgsi map-
aAdnheninede v AE, I'Z vmd 10 avrd Upog. Adyw,
e loov fotl 10 AE eregsov ¢ I'Z oreged.

"Eetweay 07 medregov af dpeornxvias aof @K, BE,
AH, AM, OIl, AZ, I'E, PX ngdg 6pdag taig AB,
I'd pdesow, xel éuPefiiode én’ 0delag i I'P
svdeia y PT, xal ovveordre meog vfj PT evdely %ol
16 weo§ avt] onuelp ¢ P v vmd AAB yovie o
7 vmo TPY, xal xeledo =i utv 44 ey 5 PT, 7f
0t AB lon 7 PT, xal evumewingwedw 7 v PX Po-
6ig %l 70 P oregeov. xal énwsl dvo af TP, PT
dvel valg AA, AB loow elolyv, xal yovieg l6ag meg:-
éyovoww, lGov dga xal Suoiov 1o PX magedinidygau-
wov v @A megadlnlopedupe. xel émel mwdiw lom
utv 3 AA vj PT, 5 0% AM f; PX, xal povieg
dodas meoiégovew, lGov oo xoi Suoudy Zeri to PP
neguiinioyoepuor tp A M magediniopedupe. Sk té
avre On xal vo AE v X1 icov té éoti xel Sporov’
rgle oo magedinidygapue Tov AE 6reesov ToLol
nagedinlopedupors 100 WY oregsod loe té dave xel
Owote. adde e uiv tele Touel Tolg dmsvevtiov idw

1.¢'] om. 9. 5. 4B] 4 ecorr.b. 1. AE] E e corr. b.
9. PX] Z e corr. B.  zait] e corr. m. 2B. A4B] 4 ¢
corr. b. 10, facsar Vb Dein add. B: ) 0% dmo 44B ]
vmd I'Pd évicos. tfj] tiig Fb. 12, 44B] 4 e corr. m. 2 D.
13. AA] corr. ex HA et m. 1 et m. 2 b, 14. B4 F.
16. 44] ut lin. 38 b, ¢l6i BVb, comp. F.  18. @4] @ ¢
corr. b; 4@ F, et V, corr, ex @4, 19. utv 7] ) pév
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XXXIY)

Solida parallelepipeda in aequalibus basibus collo-
cata et eandem altitudinem habentia inter se aequalia
sunt. '

Solida parallelepipeda 4 E, I'Z in aequalibus ba-
sibus 4B, I'4 collocata eandem altitudinem habeant.
dico, esse AE=1TI7Z,

Jam prius rectae eminentes @K, BE, AH, AM,
OIl, 4Z, I'E, P¥ ad bases 4B, I'4 perpendiculares
sint, et recta I'P in directum producatur, ut fiat PT,
et ad rectam PT et punctum eius P angulo 44B

aequalis construatur L TPT [I, 23], et ponatar PT

= Ad, PY = AB, et expleantur basis PX et solidum
¥Y. et quoniam duae rectae TP, PT duabus 44,
4B aequales sunt, et angulos aequales comprehendunt,
parallelogrammum PX parallelogrammo @ 4 et aequale
et simile est [VI, 14]. et rursus quoniam 4 4= PT,
AM = PX, et rectos angulos comprehendunt, paral-
lelogrammum P¥ parallelogrammo A4 M aequale et
simile est [id.]. eadem de causa etiam .4E parallelo-
grammo XY et aequale et simile est. itaque tria
parallelogramma solidi 4 E tribus parallelogrammis
solidi ¥ P et aequalia et similia sunt. werum in utro-

1) Prior figura huius propositionis ita prorsus descripta
est, ut in cod. P inuenitur, in quo in mg. add. m. 1: yo. év
&loig ,y (id quod ad litt. sine compendium 6 referendum est),

nisi quod solidum 4E ibi non satis adcurate descriptum hic
emendatum est.

A4] A e corr. b, 21. AM] 4 e corr. b. 22, ZT] T in ras.
B. . 28. ¢ tgla F. 24. éorv P. 25. uév] supra scr. F et
m. 2 B, odmevavriov F. Ante la in b 7a 0% tole Totol Tols
tmevevelov (v corr. in o m. 1) del. m. 2.
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7€ dori xal Suoie, ta O volw TELOL TOlg AmEvavriov®
Odov doax 10 AE ovegsdv mugadindeminsdov ol Teh
PT orepei mwagalinieminédo lGov doriy. Oujydwony
af AP, XT xal cvummrérocey diijlaig xave 10 &,
xel O vot T tfj 48 mogdiiniog fydw v TP, xel
xPefinedo ) 04 xove o ., xel cvumewdnaode
e Q¥, PI orsged. loov 01 dave 16 TR cregeov,
o0 Pdoig uév dore ©6 PW magedinidygauuov, dmsy-
avriov 0% 10 g, 16 TD oregey, oV Pdaig udv vd
P¥ magalinidyoapuov, dmevavtiov 0 10 Td" i
Te poQ T avrig Pdeswg &or tig P xel Umo 0
avTd vyog, ov alf dpsordear of PR, PT, TY, TX,
X5, 26, Wg, FD énl tév avrov elow sbdady rov
X, §O. alhe 10 TT oregeov 166 AE fomw iGov'

1. ta 8t tole — dmevavrior] om. BFVh, 2. ategsov)
bis P, alterum del. m. 1, sed renou. =. 3. d6z/ PBV, comp.
Fb. 4, JP) e corr. V. 5, 48] 4 e corr. V. e TH]
t9) post ras. 1 litt. FV, 9y B, eras. 9y, iz9 b, 9 mg.
m. 2. 6. ,a] corr. ex 1 m. 2b, 9. g B, eras. g; ws b,
corr. m. 2. 10. Td] e corr. m. 2 b. 11. sfet] comp. in
ras. V, corr. ex Zte b; sloww B, 12. dv] PFVb, el adray
B; ye. #al avtéy xal (comp.) mg. b m. 1. «f] (alt.) om. B.

T in ras. FV, e corr. m. 2b. TX] in ras, V, ras.
4 litt. b.  13. Z5] in ras. V, of F. Z&g 6o P; o F, supra
ser. 6 m. 1; oy in ras. V et corr. ex &y B; 57’ b (y e corr.).

) ‘I’q{)q e corr. b, 14. z] post ras. 1 litt. b; corr. ex
tom. 1 P,
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que solido tria parallelogramma tribus, quae iis oppo-
sita sunt, et aequalia et similia sunt [p. 77 not. 1].
itaque totum solidum parallelepipedum AE toti so-
lido parallelepipedo &Y aequale est [def. 10]. edu-

I Z I
4 ' &

i
i~
L]

cantur 4P, XT et inter se concurrant in £, et per
T rectae 4R parallela ducatur ,«T%P), et producatur
04 ad ,«, et expleantur solida L%, PI. itaque solidum
¥Q, cuius basis est P ¥ parallelogrammum, ei autem
0ppos1tum g, solido ¥Y, cuius basis est PP par-
allelogrammum, ei autem oppositum T'®, aequale est;
nam et in eadem basi sunt P% et sub eadem altitudine,
et rectae eorum eminentes PQ, PT, TY, TX, s, X0,
¥, PP in iisdem rectis sunt 2 X, ¢ @ [prop. XXIX].
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nel 0 TR Goa ovegeov 16 AE ovegsd oty iGov.
nel émel loov éovl 10 PYXT megadinloyoapuov t6
QT nagaliniopoduuep: énl te pag vijg avrig Pdoeds
sloe tiig PT xol v tals avrals wagadiijdowg tais PT,
QX ddda ©0 PTXT © I'Ad éovwv idov, émel xol
19 AB, %l to QT doa magalinidyoauuov v I'4
dovwv loov. &Ado 0% ©0 AT Zoww dga og % I'd
Boeig wog Ty AT, otrwg ) T neds vy AT. xal
énel ovégeov magadinlenimedov ©6 I'I émimédep ve PZ
rérunTor weeelljlo Svti volg dmeveviiov émmédos,
oy dg 1 I'd Pdowg meds iy AT Phew, otrwg
76 I'Z orespeov mpog 70 PI orspedv. Our 7o adne
0], émel 6tegeov mogaliniewimedov 1o QI émméde
19 PW térunron wagadiiie Gvte tolg amevevviov émi-
nédoig, dorv @g n QT fdewg medg oy TA fdow,
otrwg 0 QF oregedy moog ©0 PI. @Al g 7 I'd
pdows weog iy AT, otrag § LT mgog miy AT xel
og &oo 10 I'Z erepeov mgog ©d PI 6repedv, ovreg
70 & ¥ oregeov weog ©0 PI. éndvsgov e tov I'Z,
QU oregedy meds 6 PI viv advov Eyeu Adpov: loov
doa éotl ©0 I'Z oregeov 19 Q¥ 6rsgeiy. dAha TO
QY v AE é0siyhy loov: nel to AE dga v I'Z
éoriv ioov.

My éorwoav 0 of épeoryrvior of AH, @K, BE,
AM, I'N, OIl, 4Z, PX mgog d0dag tais AB, I'd
pdeeawv’ Aéyo mdiw, St idov v0 AE oregedv o

2. PPXT] T e corr. b. 4. eloww B. PT] (prius) PI'B.

5. loov éoriv BF. 6. 4AB] A ecorr.m. 1 b. QT] Te
corr. m. 2 P.  &oo] supra scr. m. rec, B. 7. 'd] 4T F;
74T Vb. 11 ovte PB. 12, ©6] (alt.) e corr. F. ~13. QI]
ITadd m. 2b. 15 T4] T e corr. m. 2P, 16. ovzw B.
dil’ &g — 19. PIJom. F.  17. Q7T Betig P. 4 T]inras. V;
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uerum FP = 4 E. itaque etiam P2 = AE. et quo-
niam PPXT=QT (nam et in eadem basi sunt PT
et in iisdem parallelis PT, QX [I, 35]), sed PTXT
=I'4d, quoniam PTXT = A B, erit etiam QT =1I4.
aliud autem quoduis est 47T, itaque I'd : 4T = QT
:dT [V, 7). et quoniam solidum parallelepipedum
I'T sectum est plano PZ parallelo planis oppositis,
erit I'4: AT = I'Z: PI [prop. XXV]. iam eadem
de causa, quoniam solidum parallelepipedum I sectum
est plano P¥ parallelo planis oppositis, erit LT : T4
=QP:PIid]. sedI'd: dT=8T: A4T. quare etiam
I'Z:PI=Q%: PI itaque utrumque solidum I'Z, Q%
ad PI eandem rationem habet. quare I'Z = Q %[V, 9].
uerum demonstratum est, esse & ¥ = A E, quare etiam
AE =TIZ.
iam rectae eminentes 4H, @K, BE, AM, I'N,

.z

O0Il, 4Z, PX ad bases 4B, I'4 perpendiculares ne
sint. rursus dico, esse 4E = I'"Z. ducantur enim a
TdB;”"T'db. 19. PI} Ieuan. V. Dein add. ¢zz0z0v Theon

(BFVbh). 20. ¢zegedy B, corr. m. rec. 1éyov e B.
- 21, doziv P, 6] (alt.) mut. in z6 b; 6 BV, 22.  ¥]

L e corr. b, t] maut. in 26 b, w6 BV; ovzwg év dile mg.
m.*1 Vb, 28. lsov dcriv Vb, Dein add. dmwso #0e deibon
PFVb. 26. ’'N] N in ras. V. . 26. Pdceor b et supra

ger. m. 2 V. foov éov{ Theon (BFVD).

Euclides, edd. Heiberg et Menge. IV. 7
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I'Z otepeqs. nydacay yog amd rov K, E, H, M,
II, Z, N, 2 onuslov éml 10 vmoxslusvor émimedov
xaderor of K, ET, HY, M®, IIX, Z%¥, N,
X1, xel ovpferiérwcey td émméde wove te &, T,
r, ®, X, ¥, R, I enuste, xol énclevydocay of
ET, 57, T®, T®, X®, XQ, &I, IP. isov 0f
ot ©0 K@ oregeov v I11 eveges émi ve yog loov
peesdy &lor Tov KM, I1.E xel Omo 10 adrd Uyog,
ov of épserion. mgog dpddg &lo tais fhcsery. alda
76 utv K@ orvegeov 16 AE dregey oty igov, 70 0%
III w6 I'Z" émi v yag thig adrijg fddewg slor xol
DmO 1O abrd Upog, wv af ipserdcar otx elow iml
oV atrdy evdady. xal 10 AE &oa ovsgsov 1o I'Z
o1esed éoTwy IGov.

Te doo éml l6wv Pdoewv Gvie orsgse mugaAinld-

enimede xol Um0 TO avTO Tog 60 dAAfAowg doriv:
Omep ¥0eL Ostbou.
g |

Ta ©md 10 avTd vPpog Ovia 6TEQed maQoh-
Andemimeda moos &AAnAd é6Tiv dg al Bdoeis.

"E6te Umo 10 avrd Upog 6rigsd mwagaAlnAsmimede
t« AB, I'd" Aéyw, 01w 10 AB, I'd ovsgea mogadini-
ewimeda meog &AAmAe Eotwv g af Pdesg, vovtéoTiy
0t detlv g ) AE Pacig medg iy I'Z Pdewv, -otreg
10 AB oregeov moog to I'A 6regedv.

2. IT] e corr. b. N]in ras. V., 3. KE] KZF; Hin
ras, V. IIX] II in ras. m. 1 P. NQ] N in ras. V.
4. ZT P. ovpfalétmcay V. =] in ras. V. T, Th.

5. onuefot B,  inras. 6. ET] Finras. V. FT] Fin
ras, V; TOF. TO] ETF. IP]Q¥DL. 7. Kd] d e corr.

V. 8 IIX] corr. ex IE m. 1 b.” 9=6] é=i b; corr. mg. m.
1. 9. &loy B. 11. slow P. 12. 9md] éal b; corr. mg.

it

"



ELEMENTORUM LIBER XI. 99

punctis K, E, H, M, II, Z, N, X ad planum subia-
cens perpendiculares K5, ET, HT, M@, IIX, Z®,
N, ZI, et cam plano in punciis 5, T, 7, @, X,
¥, £, I concurrant, et ducantur 5T, T, 70, TP,
X¥, X, QI, I¥. iam erit K® = II]; nam in
aequalibus basibus sunt KM, IIX et sub eadem alti-
tudine, et rectae eorum eminentes ad bases perpen-
diculares sunt [per priorem partem huius prop.]. uerum
K® = AE, II] = I'Z; nam et in eadem basi sunt
et sub eadem altitudine, et rectae eorum eminentes in
iisdem rectis non sunt [prop. XXX]. itaque etiam
AE =T2Z.

Ergo solida parallelepipeda in aequalibus basibus
collocata et eandem altitudinem habentia inter se
aequalia sunt; quod erat demonstrandum.

XXXII.
Solida parallelepipeda, quae eandem habent alti-
tudinem, inter se eandem rationem habent quam bases.

R KA
E\WO iy

Solida parallelepipeda 4B, I'4 eandem altitudinem
habeant. dico, solida parallelepipeda 4B, I'4 ean-
dem inter se rationem habere quam bases, hoc est,
esse /AE:I'Z=AB:I'4d.

m. 1, 18. cregsdv doa b. 14. oy deviv D. 18. 1p°] -
onm. q. 19. megallyloswinede, eras. o, V; item lin, 22.

21, mwegedinlosnwizsde V, ut p. 100, 8, 6. 28. doriv] om. o,

facig] om. FV. 25, oreeséw] (prius) om. V..
7*
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Hegafefinedm pie mags wqv ZH v AE igov
160 ZO, xal awd Pleswg piv tig ZO, Uiovg 0t rov
avrot tp I'd oerepeov megadinherwinedov cuumemin-
ewodw vo HK. leov &1 éote v0 AB ersgeov 19 HK
oveged” émi te yag lowv Pacedv elor tév AE, 26O
uel Vmd 1O ovro Upog. xuel émel oregedv megedind-
eninedov ©0 I'K émnédo v¢ 4H térunrar wagadiiio
dvre volg amevavriov émimédoig, ot dga og n I'Z
Bdog mgdg Ty ZO Pacy, otrwg to I'A 6regedv
wpog 0 AO ovsgedy. oy O0F 7 udv ZO Pdaeig i
AE foaeet, ©o 08 HK ovepedv v() 4B oregeds domy
doo xel @g 1 AE Bdeig mpdg vy I'Z Pdow, otreg
70 AB avegeov mpog 10 I'd eregedw.

Te &g vmwo T0 avTd Vyog Ovrte oreged mupoAdni-
emimedo wods &AAndd doTww dg of Phesgt Omsg 0w
dsitou.

Ay’

T Ouoite 6reped magadlnienineda modg &A-
Ania év vgimiaciov: Adye &lol tav dpoddywy
mlsvodv.

"Eete Ouoie oteges magedinlenimsde 1 AB, I'd,
oubloyos 0t f6tw 7 AE tff I'Z Aéypw, O6ti to AB
61c0e0v mwoog ©0 I'd oregedv toumdadiova Adyov Eyst,
fimeo 1) AE mobs vy I'Z.

"ExPefijodwcay pio én’ ebdsleg raig AE, HE,
OF of EK, EA, EM, xol xsicdw vf] utv I'Z len 7
EK, ©j 0t ZN lon v EA, %ol & vij ZP lon v EM,
xel cuumemdngwode vo KA magalinidygopuov el

- g0 KO orspeov.

3. 7] 76 post ins., euan. F; supra ser. V. nel ocopm.
b. 4. éomw P. 5. ze]l om. b. &les] dom B, om. FV.
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nam rectae ZH parallelogrammo 4E aequale ad-
plicetur Z® (I, 45], et in ZO basi, altitudine autem
eadem, qua I'd, solidum parallelepipedum expleatur
HK. erit igitur 4B — HK; nam et in aequalibus
basibus sunt 4 E, Z® et sub eadem altitudine [prop.
XXXI]. et quoniam solidum parallelepipedum I'K
sectum est plano 4 H parallelo planis oppositis, erit

IZ:Z0@ =1TI4: 46 [prop. XXV].
uerum ZO® = AE et HK = AB. erit igitur
AE:TI’'Z = AB:I'4.

Ergo solida parallelepipeda, quae eandem habent
altitudinem, inter se eandem rationem habent quam
bases; quod erat demonstrandum.

XXXIIIL

Similia solida parallelepipeda triplicatam inter se
rationem habent quam latera correspondentia.

Similia sint solida parallelepipeda 4B, I'd, et

AE lateri I'Z correspondens. dico, esse

AB:T'4d = AE?: I'Z5

producantur enim in directum AE,"

p HE, OFE, ut fiant EK, EA, EM, et
| ponatur
4 EK=TZ, EdA=2N, EM=ZP,
et expleantur parallelogrammum K 4 et solidum KO.

r

l N

8. &oo] om. FV. TZ)P; “I'Z b; @Z BFV. 9, ZO] Pb;
TZB;ZI'F et in ras. o¥rw B. IralP,"ra’b; od
BFV. 10, 40) P, ‘40 b; AT BFV. 13, 1"Z] Z in ras. F,

14, nagaunlommsd‘a v 1., dotwv] slow FV, 17. 1y']
om, . 18, mogaddnioswimsda V, ut lin. 21. 19. elolv B. °
22. AE] corr. ex AE m. 2 P, 25. zais] zfis b. 26. af]
supra m, 2 B; eddsice of FV. EM] M corr. ex N m. 1 F.
27. #7:] om. q) 29. KO] in ras. B; Om ras. m, 1 P.
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Kol émsl 0v0 of KE, EA dvel vaig I'Z, ZN
loarw sloly, aAre xnol povie 7 vnd KEA ypovig f
tmd I'ZN éerwv ion, éneadimep xal 7 Vw6 AEH 1j
vwd TZN éorw loy dua vy opoudryra tov AB, I'd
oregecdy, loov G éotl [xal Gpoov] vo K A megadinis-
yoaupov 16 I'N magedinloyodupp. Oid v avte Oy
xal 70 wiv KM moagedlnidygapuov leov Eerl xal
Suowoy @ I'P [magedinioyodppe] xal & o EO
¢ AZ° vole Goo magelinioyoeuue tov KO oregeov
Toel magadindoyedupors tov I'd eregeot ice Zotl
xol Ouose. dAda ta u¥v tole TOLEl TOlg Amevavtiov
loa éotl nal Guoie, T& 0% Tole TEuA TOlg dmevavriov
loa éorl xal Guoie: GAov dga 0 KO eregedv GAp v
I'4 ereges igov €01l el OGuorov. Guumemwinowodw
70 HK magadinidpgappov, xal &md fdoswv piv tdv
HK, KA magailnioyoduuwv, tpovg 0% zod aiTtov
©9 AB ersoe Gvumeninodedw o EE, AIL xol
émel dve Ty Opoidtyre tov AB, I'd ersgedv oTw
g 7 AE mpdg iy I'Z, otrwg ) EH mgdg v ZN,
xal § EO modg vy ZP, ien 0t 7 uiv I'Z ©jj EK,
% 0t ZN vfj E4, 1 0% ZP vij EM, éorw doo 6g 1
AE moos iy EK, otrag 7 HE mpog wy EA xel
N OF moog iy EM. ¢Ad’ dg pdv ) AE medg vy EK,
ovrwg t0 AH [magadinddyeepuor] medg 1o HK mag-

1. KE] EKBFV. 4. I'ZN]ZN in ras. B. Zonw lon)

supra m, 2 %oTe: noQUERY yog mg, m. 1 b, 5. xnel Spowov]
postea add. mg m 1P 7. nagaunloygay.uo:g om. F.
8. mapalinloyodppe] om. P. EO] O in ras Zd
BFYV. oteQeov] o eras, B, 10. {6 — 11. ansvawlov]
mg. m. 2 B. 10, d6rl] slofv P. 12, doul] eloty P; té dom
FV. zole] dotwa tole V et bis F. 13. lon} loa e b e
add. m. 2 B. derf] ze FV. In V lin. 12 za 04 — 13. fpoce
punctis del.  18. XO] O in ras. V. 15. and) éxi b.
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et quoniam duo latera KE, EA duobus I'Z, ZN
sequalia sunt, uverum etiam [ KEA=TZN (quia
L AEH=TZN propter similitudinem solidorum 4B,
r4)Y), erit K4=1TIN.?) eadem de causa etiam
KM parallelogrammum parallelogrammo I'P aequale
est et simile et praeterea EO parallelogrammo A4Z.
itaque tria parallelogramma solidi KO tribus paralle-
logrammis solidi I"A4
aequalia sunt et si-
2 I milia. uernm in utro-
que solido tria par-
" allelogramma tribus,
quae iis opposita
4 E sunt, aequalia sunt
et similia [prop.
M XXIV]. itaque totum
solidum K O toti so-
lido I'd aequale est
et simile [def. 10]. expleatur parallelogrammum HK,
et in basibus parallelogrammis HK, K 4, altitudine
autem eadem, qua AB, solida expleantur EF, AIIL
et quoniam propter similitudinem solidorum 4B, I'4
est AE:'Z = EH:ZN = E®:Z P [def.9; VIdef. 1],
et 'Z=EK,ZN=Ed, ZP=EM, erit AE: EK

B =

0

1) Def. 9; VI def. 1. et [ AEH = KE A [I, 15].
2) VI, 14, eadem similia esse ut per se intellegitar, ita
addi, debwit. sed cfr. p. 75 not. 2.

17. 7¢3] corr. ex rod m. 1 V. 20. E@] @ e corr. m. 1 b,
'z zr v. 22, AE] EA b. 7 HE — 24. o%7wg) om.
b. * 24, magaldnldyoappmor] om. P. - zd] corr. ex iy V.,
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allnidygappov, g 0t  HE meds v EA, otreg -
70 HK moos 160 KA, dog 0t 5§ OF mpog EM, otrag
70 ITE mgog 10 KM' xel og dga ©0 AH magadiy-
Adygapuov mgog o HK, otrwg to HK moog 70 KA
xol ©d ITE mgdg ©6 KM. aAd’ dg wdv 10 AH moodg
0 HK, otwrwg 10 AB oregedv moos ©d E[F ovspedv,
g 0% ©0 HK mgog ©6 KA, otrwg 0 EE orsgedv
7edg ©6 ITA eregedv, ag 0% v6 ITE meds 6 KM,
otrewg ©6 ITA orepedv modg 16 KO 6regedv: xal og
doa 10 AB cregedv mds 16 EfE, olrwg vo EE medg
10 ITA nal ©o ITA moog vo KO. dov 0% téodaga pe-
yédn xord O ovveyds dvdlopov 7, 1O modTov mWEdS
70 téragrov touwdeclove Aoyov Eysi yimsp weog 1o Ocv-
rsgov' 10 AB dga eregsov mweds 6 KO roumdaslove
Adpov &yev vimeo 0O AB mpog to EE. dAL g 0
AB ngds ©0 EfE, ovrwmg 10 AH magaiinidygapuov
ngds 16 HK xel ) AE ebdsiw mpog v EK: deore
xel ©0 AB oregeov meog 6 KO toumdaciove Adyov
&ev fimeg ) AE modg v EK. loov 0% 1o [pdv] KO
oregeov 10 I'd oregeds, 11 08 EK e0@sio vf) I'Z* ned
10 AB dpa 6Tepedy meog T I'd eregedv Touwiaciove
Adyov Eeu Himeo % budiopog avrov mAsves 7 AE mods
v oudloyov misvgav Ty I'Z.

Te dga Opore Gregse: mogudinieminede v voimida-
olovi Adpe éotl ThY Opoidyov mAsvpdv: Gmeg e
dsitar.

IIdgiopa,

’Ex 07 tovrov @avepov, Ote fav téceapeg evdeion

dvdiopov GGy, Eotar dg 1 medTy mEds THY TETAETNY,

1. HE] corr. ex NE m. 1 b. 2. v EM BYV. .
8. Post IIE add. meealdnléygauuov V et m. rec. F. 5. 70
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=HE:EAd=@E:EM. sed AE: EK = 4H: HK,
HE:EA=HK:KAd,OE: EM=TIIE:KM[VL1].
itaque AH:HK=HK:KA=1IIE:KM. uerum

AH:HK = AB:EfE, HK: KA = EE: Il 4,

HE: KM= 1II4: KO [prop. XXXII].

quare AB:Ef=E&:IIAd=1II4: KO. sin quat-
tuor magnitudines deinceps proportionales sunt, prima
ad quartam triplicatam rationem habere dicitur quam
ad secundam [V def. 10]. itaque 4B: KO = 4B*: EE°.
est autem 4B:EfS = AH: HK — AE: EK. quare
AB: KO = A4E®:EK® sed-KO=TI4d, EK=TZ
quare etiam AB:I'd = AE®: I'Z5.

Ergo similia solida parallelepipeda triplicatam ra-
tionem habent quam latera correspondentia; quod erat
demonstrandum.

Corollarium.?)

Hinc manifestum est, si quattuor rectae inter se
proportionales sint, esse, ut prima ad gquartam, ita

1) Num hoc corollarium genuinum sit, inre ambigi potest.

KM} KM T, 7. 70 KA] K4 b, 11. XO] O non liquet,
supra, scr. @ m. 1 b.  13. fmeg] w6 medrov 9. 14. KO] O
inras. B. rtourlacl-inras. m. 1P. 16,70 AH] 16 1 AH F?
(F hoc loco difficilis est lectu). AH] corr. ex 4B m. 1 b;
H e corr. B m. rec. 18. XO] O in ras. B; supra scr. @ m,
1b. 19. pév] om, P. KO} O in ras. B. 20. ¢reegd)
om. b, 21. oregzov oo B. 23, wdrod mwhsvedy b.

© 24, megadinlosm. V. 26. fotly B. 288q. Ex porismate
pullum uestigium est in F; in b totum in mg. est m. 1, add.
ottwg dv Gillm. 29. Ante gvaloyov ras. 1 litt. P,
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otte 10 amd g WEWTYs GTEQEdY magaAdnAemimedov
meds 10 amod Thjg Osvrégag TO Gpotov xal duolwg ave- i
yoapouevov, émeine xol 1 mwewTy WEOS THY TETAQTNY
roumdaclove Adyoy Eye Yimep mods Ty Oevrigaw.

5 10’

Tév l6ov 6150¢6Y magalinieminédov avri-
nemdvPaciy of Bdasis Tolg DPeciy xal dv dre-
0edv magalinieminédwv dvrimsmdvdaeiy al
BoGeLg Tolg vypeaiy, loa dativ éxeiva.

10 "Eorw iloe ozege mopaddnlemimeda ta AB, I'd:
Ayw, Ot tdv AB, I'd orsgedv magaliniemimédmy
dvrimendvdacy of Pdesg tolg Vs, xal doTv 6
% E® Bdoig medg iy NII faew, ovrwg ©o vov I'd
6750800 UYPog wedg 16 ToU AB 6TEQE0D TYog.

15  “Ectweav pag meotsgov of Epsernuvics af AH,
EZ, AB, ®K, I'M, N5, Od, II P mgog dpdag tais
Biesoy avrév: Adyw, Ot detly wg 1) EO fdoig moos
mqv NII Bdew, otrwg 5 I'M moog vy AH.

Ei udv odv ley éotlv v EO Bdowg vfj NII fdact,

20 &670 0% ol 0 AB o6tegeov ©p I'd evegep loov, éotou
el 7 T'M oy AH ion. t& pag Umo 76 avrd UPog
orepea mogaddnienimeda wodg EAAnAd deviv dg al fo-

1. ovtwg FVDb. =zegoddnlosm. V. 3. imadnmese BV.
5. 1 seq. ras. 1 litt. F. 9. Dypeer Vb et seq. ras. 3 litt. o.
12, dyeer FVb, 16, 4B] 4 e corr. B. = @K] corr. ex -
®H m. 1 b. I'M]supra scr. N m. 1 b, 17. fdseot b.
adzov] om. b. 18. AH] inter 4 et H 1 litt. eras. P,
20. forv B.  #ovor) #or Vbo. 21, za yde — 22. fdosis)
om. BV; hab. Pb et fuerunt in F, sed nihil relictum est nisi
o vog 6T50s, quibus add. ¢: -ov Toit Dyese omissis uerbis &f
yog — odewy p. 108, 1.

‘:‘,.
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solidum parallelepipedum in prima descriptum ad so-
lidum in secunda simile et similiter descriptum, quo-
niam etiam prima ad quartam triplicatam habet ratio-
nem quam ad secundam.

XXXIV.

Aequalium solidorum parallelepipedorum bases in
contraria ratione sunt atque altitudines; et quorum
solidorum parallelepipedorum bases in contraria ra-
tione sunt atque altitudines, ea aequalia sunt.

Sint 4 B, ' 4 aequalia solida parallelepipeda. dico,
solidorum parallelepipedorum 4B, I'J bases in con-
traria ratione esse atque altitudines, et esse, ut E®
ad NH, ita altitudinem solidi I'4 ad altitudinem so-
lidi 4B.

Prius enim rectae eminentes 4H, EZ, 4B, @K,
I'M, NE, Od, ITP ad bases suas perpendiculares
sint. dico, esse E@: NIT = I'M: AH.

P 4

K B /]

A4 “E T ~

iam si E@® = NII, et AB =TI'4, erit etiam I'M
== 4H; nam solida parallelepipeda, quae eandem ha-
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oag [ef yoo tov E@, NII faesov idov od6ov uy
s t¢ AH, I'M ¥yn i6a, ovd’ dga 10 AB ersgeov
loov éoron v I'd. vmoxerzer 0% loov: ovx dga dvicoy
dove vo I'M vpog ©69 AH Ve loov &ga]. xnel éaven
g 7 EO@ Bdeg mpdg tyy NII, otrwg 7 I'M modg
v AH, %ol pavegév, 6vi tov AB, I'd ersoeav mog-
aldnieminédov avnmendvdacw of Pdesis tolg Upeaiv.

My éotw Oy lon ) EO Bdoig vij NIT Bdee, dil
fotw peltov 7 EO@. ¥t 0t el 10 AB ovegeov v
I'4 eregeid loov: pelfov &ga dovl xal v I'M tijg AH
[ef yag wij, o0’ dou mddw va AB, I'd eregen ion
doraw’ Uménetan 0% loa]. xelodw obv v AH len 7
I'T, xal cvuwemdnedoda damd Pdeswg piv tig NII,
typovg 0% w0t I'T, oregedv mopadindemimedov o OI.
xel émel loov dorl ©0 4B oregedv v I'd oreped,
éwdev 0t ©o I'D, 10 0} l60 MEOG TO ADTO TOV QVTOV
#e Adyov, ¥orw &ga @g to AB orsgedv meog to6 I'P
61e0s0v, ovTwg 10 I'd 61sgeov mdg 16 I'D ersgeov.
GAd &g utv 0 AB oregeov moog o I'D arsgeov,
otrwg § EO Pdeis meds iy NT1 fdewv leovyi pee
& AB, ['®D 6rzpsd g 0% vo I'd oregedv moog 10
I'® ore0edv, otrwg 1) MIT Bdeig wedg thv TIT Pacw
xal 9 I'M moog wpy I'T xel dg doa 7 E@ padis
medg v NII Paeiv, otreg 7 MI medg tov I'T. i6n
0t ) I'T vij AH" %el dg doo ) EO Bdaig modg TV

2. &in] #oro . 3. ¥ovar] detl b. I'4d ozegeg FV.
5. NII Paowv b. 7. typeor Vo, 10. Zov{] om. V.
11. wotdev] supra m. rec. V. 12. ¥oovron P. DIORELVTOR
BV. AH] Hinras. m. 1P. 14. 'T] I in ras. B.
moagolinigen. V. &I'] I' in ras. B. 16. #wdsy dt].g] &ido
8¢ vl 4ot b, &1lo 8¢ 7'V, dAlo = supra scr. 8¢ m. 2 B.
@I Bb, et I, sed corr. Dein add. ozegeéw FV. .In F uerbs
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bent altitudinem, inter se eandem rationem habent
quam bases [prop. XXXIILY) et erit
E@:NII=IM:4H,

et adparet, solidornm 4B, I'd parallelepipedorum
bases in contraria ratione esse atque altitudines.

iam ne sit E®@ = NII, sed E® > NII. uerum
etiam 4B = I'4. itaque etiam I'M > A4 H.%)

ponatur igitur I'T= 4H, et in basi NII, alti-
tudine autém I'T expleatur solidum parallelepipedum
OI. et quoniam 4B = I'4, extrinsecus autem ad-
sumptum est I'®, et aequalia ad idem eandem ratio-
nem habent [V, 7], erit 4B: I'® =I'4:I'®. uerum
AB:I'® = E®: NII [prop. XXXII}; nam solida 4B,
I'® eandem habent altitudinem. et I'd : I'® = MIT
: T [prop. XXV] =TIM:I'T [V], 1]. quare etiam
EO: NIT = MI':I'T. sed I'T= AH. itaque etiam

1) Ita concludi uoluit Euclides: adparet, solida aequalia
eandem rationem habere quam bases et ipsas aequales, nec hoc
fieri potest, nisi altitudines et ipsae aequales erunt. et hanc
concludendi rationem recte, sed paullo breuius indicauit citata
prop. 82. hoc interpreti alicui satis antiquo ansam dedit uerbis
& ydg — ioov e lin. 1—4 interpolatis mentem Euclidis
uerbose explicandi. quo facto in codd. deterioribus uerba illa ge-
nuina = yde — pdosig p. 106, 21—22 deleta sunt, cum intel-
legeretur, duplicem causae indicationem per yde illatam ferri
non posse. illo loco damnato sequitur, uerba simillima & yde
—lse p. 108,11 —12 et ipsa esse interpolata. ef per se suspectis-
sima sunt, quippe quae causam idoneam eius rei, quam con-
firmare debeant, minime contineant.

2) Hoc uia indirecta ex prop. 31 demonstrari potest, cum
adpareat, solida angeri et basibus et altitudinibus auctis.

@Mo 8¢ dotu ©6 DI otegedv mg. m, 1, ut uidetur.  17. ore-
etdv] om. V. 18. o¥row BV, comp. F. 22. 6reoeov] ins,
m 2F. THO] mut in ITV, IIT Bb. 23. MI" BFV,

24, fdgv] supra m. 2 F. MI'] NI'B.



+ 110 STOIXEIRN :e’.

10

15

20

25

NI1 Ba6w, ovtwg § MI mgds iy AH. tdv AB,
I'd dga oveoedv megelinlemmédov dvrimenovducw
ol Bdesig Tolg tpeoww.

Halw 07 tvév AB, I' 4 6repedrv mopalinlemimédoy
advtumsmovdérocay af fuees voig Ueciy, xol dotw og
17 EO Pdeawg mwedg tv NII Baew, otrwg 0 tov I'd
aregeot UPog wedg TO ToU AB OTegeoi Uyogt Adyam,
dv lgov éorl ©6 AB cregedv v I'd oreged.

"Eorweay [pag] mdiww af épsoryrvier moos dedag
roig Pruesoy. wol e udv lon dorly 7 EO Pdews
NIT Bdes, nai éotv dg ) E@ fdoig moog vy NII
Bdaw, ovrmg 0 ot I'd ersgeot pog medg Tl T
AB 6rspeot Upog, loov doe dorl xal 1o 1ot ' arve-
0£00 DYog T tov AB 6Gregeov Tpen. o 0F éml ldwy
Blcsav orsgex magadiniewineda xal Owo TO adTd Tog
loo aAdrjdowg doviv: idov dgo éotl ©O AB eregeov T
I'4 eregeq.

My éovw 0 7 E® Pdeig vy NIT [Pdee] ioy, dGAd
éotw peltov 7 EO° usitov doo éotl xel 1o tov I'A orspsod
Tpog To¥ tob AB 6rsgeov Tyovg, tovréomw 3 I'M
viig AH. xelodo v AH loy midw 5 I'T, xel cvy-
weminokede Ouolog ©0 I'D eregedv. émel domiv o
7 E@ fdowg meog vy NII Pdow, otrwg 1) MI' meos
v AH, loy 6% n AH fj I'T, éwv dga g n EO
Bdoig moog Ty NII fdew, otrwg 7 I'M mgog Ty
I'T. ¢Ad’ @g wiv 3 E@ [Bdaig] medg toyy NIT faev,
ottwg t0 AB oregeov modg 10 I'D Grsgedv: LGovii
yig éotr 1& AB, I'D oreged: dg 0 % I'M medg v

L. I'Mb. 4B, I'd] om. FV. 2. doe] s F.
8. vyeor Vb, 4. I'd &oa' b. negeddnhsmnidov] om. V.
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E®:NIl = MI': AH. ergo solidorum parallelepipe-
dorum 4B, I'4 bases in contraria ratione sunt atque
altitudines.

Rursus solidorum parallelepipedorum 4B, I'A4
bases in contraria ratione sint atque altitudines, et
sit ut E@ ad NII, ita altitudo solidi '/ ad altitu-
dinem solidi 4B. dico, esse 4B = I'A.

rursus rectae eminentes ad bases perpendiculares
sint. et si E@ = NII, et est ut basis E® ad basim
N11, ita altitudo solidi I'4 ad altitudinem solidi 4B,
erit altitudo solidi I'4 altitudini solidi 4B aequalis.
uerum solida parallelepipeda in aequalibus basibus
collocata et eandem altitudinem habentia inter se
aequalia sunt [prop. XXXI]. ergo 4B =I'4.

iam ne sit E® = NII, sed E®@ > NII. itaque
etiam altitudo solidi I'4 maior est altitudine solidi
4B [p. 109 not. 2], hoc est I'M > A4 H. ponatur rursus
I'T= AH, et similiter expleatur solidum I'®. quo-
niam E@: NIT = MI': AH, et est AH=I'T, erit
EO:NII=TITM:I'T. verum E@: NIl = AB:I'®
(prop. XXXII]; nam solida 4B, I'® eandem altitudi-

5. dvumendvPect b, Tyecr Vb, 6. faev] om. V.
I'd]in ras. V. 7. 4B]in ras. V. iéyw — 8. éezf] mg. .
. 9 yde] om. P. 10. peczer Vbo. éotiv] om. Vo,

7 E® fdeig] mg. ¢. 12, 7] (prius) mg. m. 2 P.  13. {Gow
age — 14, Tyse] om. . 13. 46v(] om. V. xel] om. b,
14. §é] &’ b. 15. paoewy §vre Theon (BFVb). mog-
allnloer. V, 16. 4ot éoviv P. 18. feos] om. BFVD.
19. peitov] peifov P, 46z(] om. V. 21. ©7jg] i} b.
22. Ante émel add. e/ m, 2 V. 28. I'M b.
25. ’'M]PB, Vm 2; MI"b, V m. 1, F in mg. m. 2.
7gés — 26. fday] om. F; in mg. quaedam euan.  26. Paog]
om. P. 27 odrws — weds] @.
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I'T, ofvwg % ve MII Pdeig meds toy IIT faow xal
16 T'A orepedy moedg 0 I'® ersgedw. ol wg Gga
76 AB evsoedv mods 10 I'® cregedv, olrwg 10 I'd
orepedv mdg ©d I'® eregedy: éxdregov dou Tov AB,
I'd meds 6 I'® wov advov &au Adyov. leov Geu
éotl 16 AB oregeov ¢ I'A ovegegs [Omeo ddev dsifou].

My E6rweev 01 of épsovyuvion of ZE, BA, HA,
@K, EN, 40, MT', PIT medg dodag vals fdescww
avriv, xel fydecev dmd tév Z, H, B, K, 5, M,
4, P equciov émd te 0t tov E@, NIT éminedo ndderol
xal ovuPelidrwcay voig émmédog xere ze X, T, T,
D, X, ¥, Q, 5, nal cvumeningiedo te ZP, EL
eteged Aéym, 0t xal oltwg 6oy Ovtwy tév AB,I'd
oteQedy dvTimenovdacw of Pdoeg Toly TYeGLy, xel
dorwy g 7 EO fdag meog v NII fdeww, ovrag to
zo¥ I'd oregeot Uipos medg 16 o0 AB Gregeov Upos.

‘Enel loov éotl 10 AB ovsgedv e I'd areged,
élde ©o utv AB v$ BT éovw ilgov' émi ve pao is
avrijs Paeeng elov tijg ZK nal tmd 1o adrd UPos
[dv af {psordeas ovx &lalv éml tov edrdy eddamv]
0 0% I'd oregeov ©g¢ AW dovwv ooy émi ve yag
nddww tiig avrig Pdosdds sler vijg P el Umo to avrod
vyog [dv of épsaradcar ovx slely éml vdv adréy -
Dadv]’ xel ©o BT doe 6regeov 16 AW 6regeey iGov
dotiy [tGv O loww eregedy magediniemiméday, oV
T Yy medg GpBds fovi taig Pdesew avrav, vl

2. oregedv] (alt) om. B. 6. 6meg #de deiben] del.
August. 7. wif] e corr. m. 2V. «f] (prius) om. FV. = B4]
supra ser. 4 m. 1 b, 8. @K] supra scr. 4? m. 1 b.

9. Kjcorr. ex I' V.  10. émel F, ot V, sed corr. dwe] om.
B. 'NII pasewy B. 11. cvpfodstwsey PV. Z] postea ins.
B; ras. 1 Litt. b.  12. ) renow. m. 2 B. Post ¢ in fine lin.
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nem habent. et P’'M:I'T= MII: IIT [V],1]=T4a
: I'® [prop. XXV]. quare etiam 4B:I'® =TI4:I'Q.
itaque utrumque 4B, I'4 ad I'® eandem rationem
habet. ergo 4B =I'4 [V, 9].

Iam rectae eminentes ZE, B4, HA, OK, EN,
40, MT, PIT ad bases suas perpendiculares ne sint,
et ducantur a punctis Z, H, B, K, &, M, 4, P ad
plana per E®, NII ducta perpendiculares, et cum
planis in punctis X, T, T, @, X, ¥, L, § concur-
rant, et expleantur solida Z®, Q. dico, sic quoque,
$i 4B =I'A, bases in contraria ratione esse atque
altitudines, et esse ut E@ ad NII, ita altitudinem
solidi I'4 ad altitudinem solidi A4 B.

quoniam AB==I4, et 4B = BT [prop. XXIX
—XXX] (nam in eadem basi sunt ZK et eandem ha-
bent altitudinem)?), et I'd = 4 ¥ [id.] (nam rursus
in eadem basi sunt PZ et eandem habent altitudinem),
erib etiam BT = 4 W. erit igitur®) ut ZK basis ad

1) Rectissime obseruaunit Simsonus p. 402: ,inepte exclu-
ditur alter casus“. quare cum eo uerba dv of — edPsidy
lin. 20, 23 — 24, p. 116, 7—8 pro interpolatione imperita ha-
benda sunt.

2) Quae sequuntur uerba t@v 8¢ — Vyeay p.112,256—p. 114,1
et p. 116, 2—4 inepta sunt, quia altitudines semper ad bases
perpendiculares sint necesse est, quae est iusta eiusdem Sim-
soni obiectio. sed za vy cum Augusto in of fpserdcor mu-
tare temerarium est; quare uerba illa delenda sunt.

#el, dein mg. m, 2 add. onueie F; s oypele V. HQ] £ in
ras. V. 13, 8w] 89 V. 14, Speae Vb, 15, NII] IIN in
ras. V. 17. Post 2xel add. yde BFD, et supra ser. m. 1, sed
deletom V. zd] corr. ex zg m. 1 V. 18, BT] T in ras. V.
19. eloww P. ~ omé] dmd V. 22, eloe] ome comp. b.
PE] =P Bb. dno) éni V.  24. Post 76 del. zod F. BT]
Becorr. V. éomw looy V. 25, rév] corr. ex oy m, 2 F;
v V. dv]om V. 26 fou] elor b.

Euclides, edd. Heiberg et Menge. IV. 8
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wemovdeasw of faces volg VYeaw). fomww oo g 1
ZK Bdeig moog v EP fdew, ovtwg 10 100 AP
6750600 UPog meog 0 tov BT 6tesod Unpog. iem Ok
7 wtv ZK Bdawg vj E@ Bdes, 7 0t EP Pdeig tj
5 NII Bace Eotww dgo dg 1) EO Bdaig meog wyy NIT
paaw, oUrag ©o Tov AW aregeov Tpog meog TO TOD
BT evepeot Uyog. 1o 0 avre Uyn dotl tov AP,
BT oregediv xal tév AI'y, BA* Zovw éoa og 1) EO
Béeis meog v NII fagiv, obrwg v0 tob AI' 6750800
10 Uog medg 10 70D AB 6regeov Uyog. Twv AB, I'd
doo 6regedy mepalinlemimédov dvtimsmdvdacw el
Bdesig Toig VpeoLy.
IdAw 01 tev AB, I'4 avspeiv magerinieminédov
avnimemovdéracay af Pacag toig TPely, xal é6Te OF
15 7 EO Pdaig moog iy NII Bdewv, ovrwg ©o vov I'd
61epe0t UPog medg TO Tov AB 6Tegsod Tyogt Aéym,
ot lgov éotl 10 AB ovegeov v I'd aveged.
Tav pog ebtdv xerecxsvacdéviov, énsl doriv og
% E@® fdoiwg meog v NII dew, ovrwg ©0 tov I'd
20 orepsot UYog mos 1O 10U AB orssot Uyog, lon 0%
% utv EO fdeig tyj ZK fdos, v 02 NIT v EP,
domv doo og %) ZK Pdeis moog v EP faew, ovrwg
16 vob I'd 6vegeot Uog medg ©0 Tov AB oregeov
tYog. te 0 avre UVyy éotl vov AB, I'd evegedv
25 el tv BT, 4 &enwv doa dg 1) ZK Poeig moos
v EP Pdow, oUtwg 10 tot 4 6tss00 Upog me0§
70 tov BT orepeov Uipog. 16v BT, AY dga oTe-

2. ziv S P] corx. ex vy NPV, 3 BT] T e corr. V.

4. E®] e corr, V. 6. ooz Zoclv lon V. o5 NII
pocst b, , 1. ovegeod] om, B. 10. I'd] in ras. P.

11, oregediv &ou B. 12. dyeoe Vb, 14, Pysor FVD.
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basim £ P, ita altitudo solidi 4% ad altitudinem so-
lidi BT [p. 110, 1sq.). verum ZK = E®, 5P = NII
x B erit igitur ut E® ba-
sis ad basim NII, ita
altitudo solidi 4 ad
altitudinem solidi BT.
sed solidorum 4%, BT
et A", BA eadem est
altitudo. quare erit ut
basis E@ ad b,amsim NI,
ita altitudo solidi 4I"
L/"Q\ J ad altitudinem solidi
: IL_>¥ 4B ergo solidorum
\!/ AB, I'4 parallelepipe-
j M T dorum bases in con-
' traria ratione sunt dtque altitudines.

Iam rursus solidorum parallelepipedorum’®4 B, I'A
bases in contraria ratione sint atque altitudines, et
sit ut E@® basis ad basim NII, ita altitudo solidi I'4

ad altitudinem solidi 4B. dico, esse 4B =I4.
iisdem enim comparatis, quoniam est ut basis £@
ad NIT basim, ita altitudo solidi I'4 ad altitudinem
solidi 4B, et E®@ = ZK, NIl = EP, erit ut basis
ZK ad EP basim, ita altitudo solidi I'4 ad altitudi-
nem solidi 4B. sed solidorum 4B, I'd et BT, A%
eadem est altitudo. erit igitur ut ZK basis ad basim
EP, ita altitudo solidi 4% ad altitudinem solidi BT.
itaque solidorum parallelepipedorum BT, 4% bases

17, isov] om. V.  isov ©d V. 19. I'd] bis ¢.
23. 4B1 B4 FV. 27. BT] (alt.) T in ras. V.
8*
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0e@V magarinleminédov dvtinendvdaay ol fdosig Toig
Upeoww [ov O Gregedy magadinAemmédov e Oyy
moog Goddg dori taly faceay alTdY, dvTimEmIvIUc
0% af Paceg voig Tysow, loa detlv énciva]  lGov dga
éoti vo BT ovegeov g AW oveged. alda tO piv
BT © BA lsov éotiv' émi ve pag vijs evtijs faosas
[el6t] Tiig ZK xal Omd O avrd vvog [dv of dpeove-
ear ovx gloly éml tdv avtév svfuacv]. 16 0t AP
aregeov v AT ovegegy loov dotiv [émi ve pag madw
Tijs adrijs Pacsis &6t Tijg EP xal vmd 1O avrd Uog
xol ovx év talg avrals evdeluug]. xal vdO AB doo ove-
oeov t I'd ovegeds éorwy laov: Omeg E0er deibo.

Ag'.

Eav 66t 0Y0 yoviar énimedor i6ar, éml %
TAY %0QUPBY VTRV peréwoor svdelar Emi-
eraddowy leag yoviag megiéyovdar et TV
8¢ doytis evdearov éxarégav fnatéoe, éml 03
TOV wersdooy Anedi tvydvre equeie, xal du
adtdv éml va émimede, év olg slowv af ¢k de-
1ie yoviat, xideror aydd6v, and 02 Tédv ps-
vouéveov enuelov év tolg énminédorg éml rog 4§
doytis yoviag émifevyddoiy v deiar, ldag yo-
vieg megLéEovar uETd 1OV UETED Q@Y.

"Eerocay 000 povie ebdvpgaupor léar of Umo
BATL, E4Z, éno 0% vov A, A equslov usréngo
evdstar peovdrwoay of AH, AM i6ag yovieg megr-
éyovoar pere Todv & doyrg ebdady éxaréoov Exatéog,

2. zo dyn] of dpsornuvioer August, 8. 4e7] o, comp.
b, dorwv P, #ler BV. avamenovdocy PV, 4, 0¢] supra
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in contraria ratione sunt atque altitudines. quare
BT =4% [p. 112, 58q.]. sed BT = B4 [prop.
XXIX—XXX]; nam in eadem basi sunt ZK et ean-
dem habent altitudinem; et 4% = 4TI [id.].") ergo
AB = I'4; quod erat demonstrandum.

XXXV,

Si datis duobus angulis planis aequalibus in uer-
ticibus eorum rectae sublimes eriguntur angulos singu-
los singulis aequales cum iis, quae a principio erant,
comprehendentes, et in erectis puncta quaeuis sumun-
tur, et ab iis ad plana, in quibus sunt anguli illj,
perpendiculares ducuntur, et a punctis, quae in planis
oriuntur, ad angulos®?) a principio datos rectae du-
cuntur, hae cum erectis aequales angulos com-
prehendent.

Duo anguli rectilinei sint BAI', EAZ, et a punctis
A, 4 rectae 4H, AM sublimes erigantur angulos
singulos singulis aequales cum iis, quae a principio

1) Uerba ni ze — e09elong lin, 9—11 subditina existimo.
2) H. e. ad uertices eorum.

ser. m. 2 V. 6. B4] 4B P. 7, &los] om. P. 9. 0

4T — 10. fdozogs] F, praecedentibus iisdem uerbis a manu .
9. I'd b. ziig adrijs makw V et @ (non F). 10. ot

comp. b, PEb. 11, aga] om, V, ins. m 2 F.

12, 4" B. 13. 1z’] non liquet in F, 14. o PB,

Post éx( del. médp m.” 1 P.  '17. énovégoy] -av in ras. B,

19. iz} zd] om. K. glor b, 21, év] vmd tdy nadézov

év Theon (BFVb). 23. perswgoriony V. 26. AH] H

in ras. B. 4H, AM F.
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oy udv vmd MAE vfj vwo HAB, iy 0% omo MAZ

10

15

20

25

vfj vmd HAT, xal slijpde énxl vdv AH, AM 7v-
qovra equsic ve H, M, xol fjydo6ay dnd tdv H, M
onpelov énl va Ok 16y BAT, EAZ énineda xidetor
of HA, MN, xal ovufeliétocay rolg éminédoig xov
e N, A, xel énslevydooay af 44, NA* iéyo, ou
ion doriv 7 vmo HAA yovie v om0 MAN yovie.

Kelodw ©fj AM lon 7 AO, xal ijydo duk Tov O
enueiov vf] HA mapdiinlos % OK. 7 0% H.A xddsrdg
dovww éml 16 0w tév BAT émimedov: xei 7 OK dga
xaderdg domw émi vo O vow BAT émimedov. fyde-
6av and tév K, N enuslov énl vag AB, AT, AZ,
AE ed%elag xddetor of KI', NZ, KB, NE, xal
énetebydoeay of O, I'B, MZ, ZE. :insl o amd
tiig @A gov fovi voig dmd tov OK, KA, ©é 0% dnd
viig KA o éovl vé dmo tév KI', T'd, xal ©d dmo
tiiec ©® A édoa loov éoti tolg amd todv @K, KI', I'Ad.
tolg 0% and tdov @K, KT igov fori 76 amd vijg OI
70 dga amd viig @A leov éoti voig and vov O, I'A.
Sod douo éotlv 7 vmo OI'd povie. S o avve Of
xel ) Umd AZM povie Ood1 éovwv. ley doa deriv
% omd ATO® yovie tf Owd AZM. &ors 0% xel 7
vwd @A v5) vmd MAZ loy. 0vo 0% rolyovda éont
¢ MAZ, @ A" 0vo yovieg dvel poviag loag Eovre
fnaréoay Enavdoe xol ulev misvgiv wig mhsved leny
v Umotslvovéay VmO piey tov 6oV yonoy TV
@4 vij Md- xai tag Aowwag oo mAsvpag tals Aoumweis

2. AH]HAV. 4.onuelov] om. V. BAI'] Binras.B.
5. ovpPotérwcey V et supra ser. Am, 1 P, 6, N, A] supra 4
quaedam euan. ¥ m. 2, ras, V.  xel) onqusie ne{ V. 7. ion
foztv] ins. m. 1 F, om. V.  yorie tjj bm6 M N] in mg, trans-
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erant, comprehendentes, [ MAE = HAB, | MAdZ
= HAI, et in AH, 4M puncta quaeuis sumantur
. H, M, et a punctis H, M ad

@1{ plana per BAI', EAZ ducta
> a perpendiculares ducantur H A,
XA MN, et cum planis in N, 4
Ka concurrant, et ducantur 44,
\ 4 Nd4. dico, esse
LHAA= MAJN.

ponatur 4@ = 4 M, et per @ punctum rectae H.A
parallela ducatur ®K. HA autem ad planum per
BAI' ductum perpendicularis est; itaque etiam @K
ad planum per BAI ductum perpendicularis est
[prop. VIII]. a punctis K, N ad 4B, 4I', 4Z,
4E rectas perpendiculares ducantur KI', NZ, KB,
NE, et ducantur ®I", I'B, MZ, ZE. quoniam O 4°
= @K2 + KA4% et KAZ KI'2+FA2 [, 473, erit
etiam @ 4 = @K% + KI? 4 T'4% veram @I = O K
+ KI? [id]. quare @A4®= @I 4 I'4% itaque
LOI'4 rectus est [I, 48]. eadem de causa etiam
L AZ M rectus est. itaque [ AT'® = AZM. sed etiam
LOAT = MAZ. itaque duo trianguli sunt MAZ,
@ AT duos angulos duobus angulis singulos singulis
aequales habentes et unum latus uni lateri aequale,
quae sub altero angulorum aequalium subtendunt,
04 = Md. itaque etiam reliqua latera reliquis late-

eunt ¥, yovix fon dov V. MAN] d e corr. V. vyovi]
om. V. 8. xol nelofo B, xelodo ydo FV. 12. AT) 4 e corr.
V. 13. NE] E in ras. m. 1P.  14. xel émel Bb. 15. K 4]
Kcorr. ex Am. 1b. 16, 7év] Tiig b.  20. @I'4] I'4 in ras.
B. 21.4ZM) ZM in ras. B.” 22. feuv PB. _ 23. 84] supra
" m. 1V, 24 dval yovimg] om. P.  27. 4M B.
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mdsvgaiy idag EEer éxavipav fxatéoe. lon dpa éotlv
N AT ) AZ. opolwg Oy desibopsv, 8ve xal 7 AB
v AE fdovw lon [otrwg émelevydmoov of OB,
ME. ol énel ©0 dmo tijg A® lGov detl volg dmo
rov AK, KO, t¢ 0% and 5z AK oo éori ta dmo
tov AB, BK, ta #dga and tov 4B, BK, KO ioa
doti v¢ amd AO. diia voig amd vov BK, KO loov
dotl 0 dmo Tijg BO" ded7 yag n vmd OKB povia
die o xel ™y OK xaSerov sivar éml vo Umoxslusvoy
émimedov’ ©O doa amd tiig AO lov dotl Tolg amd TV
AB, BO" 997 dga éotiv 7 90 ABO yovie, Ow
T evva 07 xel 5 Vw0 AEM povie Od1 éorw.
dote 0% xal 7 vwo BAO ypovie vy 9md EAM loy’
vmoxavrer pag* xel Eorw B AO vy AM ioy i6y
Goe fotl xal ) AB ti] AE]. éxel oty ioy fotiv 7
utv AL vij AZ, % 8% AB tfj AE, 0bo o of T'4,
AB dvel taig Zd, AE leou slelv. clhe xal yovic
3 vmd T'AB yovig i} vnd ZAE douw len: pfadis
doa 7 BI' Bdost t5j EZ ioy dotl xal ©0 telyevov
T Touyave xel af Aowwel yoviet tais Aoumals yovins
oy doo 7 Omo AT'B povie vi vmo AZE. &ors 0%
xal 6pdn % vwd ALK 899 vij omo AZN leon xol
Aowmy &po ® vmo BI'K Aoumy ©fj vmwd EZN éouwv
fen. O va avre 07 xal §) vmd I'BK w5 vwd ZEN
deriv lom. Ovo 07 zolyovd dém. za BI'K, EZN
[zag] 0vo ywviag dvel ywvieg loag Eyovre Exavégev
Exavéoq nol pilov mAsveoev wd wheved ey Ty meO§
rals i6oaug yovieg v BI 15 EZ* xal tag Aowmag

1. {on] lony P, corr. m, 1. 3. {o] om. B. 4. zoig] 76
P. 7.t 40 V. 8. ydg] in ras. m. 1 P. 9. slver] om.
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ribus aequalia habebunt singula singulis [I, 26]. ita-
que AI'= A4Z. iam eodem modo demonstrabimus,
esse AB = A E.") iam quoniam 4 "= AJZ, AB = AE,
duae rectae I'4, 4B duabus Z4, 4 E aequales sunt.
sed etiam [ 'dB = ZAE. quare etiam BI'= EZ,
et triangulus triangulo aequalis et reliqui anguli reli-
quis angulis [I, 4]. itaque [ AI'B = 4ZE. uerum
etiam [ AI'K = A4ZN, quia recti sunt. ergo etiam
LBI'K = EZN. eadem de causa etlam /[ I'BK
=ZEN. quare duo trianguli sunt BI'K, EZN
duos angulos duobus angulis singulos singulis aequales
habentes et unum latus uni aequale, quod ad angulos
aequales positum est, BI'= EZ. itaque etiam reliqua

1) Sequentia p. 120, 3—15, quae post opolwg lin, 2 pror-
sus inutilia sunt et inusitata, rectissime interpolatori tribue-
runt Simsonus et August; om, Campanus.

9. 10. v#ig] corr, ex zdv m. 1 b. 11. 4AB] B corr. ex ©
V. Post B@® ras. 1 litt. b. éeviv] corr. ex dozi m. 1 P.
13. #oriv B. E4M] E supra scr., post 4 ras. 1 litt. V.
14, yao oo FV, 15. 46v/) om. P. 17. dvel] dvo P.
4Z BVbo. aile] énatéon Enatéoe Vo. 18. ZAE]
Zet Einras. V, Z'4'E V. éorv] om. V. 19. doviw
P nal 10 Telywvoy T rorydve) mg. V. 21. fon] Iy b,
AZE] corr. ex EZA m. 1 b. forv B. 22. 4ZN]
N in ras. m. 1 B; pro NV in b est E, supra ser. M m, 1.
%] om, V. 28. EZN] ante N ras. 1 litt. V; IV corr. ex
Hb, oy éotiv P. 26. ENZ V. 26. 7dg]| deleo.
yoviug] yovieg P. éyovias PVg; in P ¢ del. m, 2.
28. {oaeg] supra ser. m. 2 B. -
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doo mhevgag talg Aoumwais whsvoais leag Efovow. ley
doa doviv 1) T'K vfj ZN. &0t 0t nel ) A vfj AZ
lay 0vo 0y of ATy, I'K Ovel veis 4Z, ZN leow
slofv: wal SoPag yovieg meuéyovewy. Pdeig Koa %
AK fdee tij AN lon éovlv. xol émel oy datlv q
A® 1 AM, leov é6tl xal 10 dmd vijg AO TG dmo
viie AM. @lde T piv dmo vijg A® loo fevl T
ano tov AK, K@ 609y yeo n vmé AK® 76 O}
ano tijg AM oo ve amd rov AN, NM: o9y pep
7 vmd ANM ze dpa dmd vov AK, KO e ol
voig dmd tdy AN, NM, dv vo énd wig AK ieov
dotl ¢ amo vijg AN' Aowmov doo 1o dmd vig KO
igov doti e dmd tijg NM' oy &oe %) OK tjj MN.
xol dmel 0vo af @A, AK Ovel taig MA, AN iGo
eloly Exatége a'xare’ga, %ol ﬂétng 7 OK pdes vy MN
0elydn lom, povie dge 1) vwd OAK yoviy vf vmo
MA4N éarv idﬂ

Eav #pe o361 0vo povier émimedor o xnel o
ékijg ©ijg mgordeeng [Omep Eder detEeu].

IIégiope.

‘Ex 03 tovrov qavegdv, Gti, éxv b6 dvo paviu
émimedor loar, Zmioradder 0% én’ avrov ueTémQor
evPelon oo [oag povieg meguégovear pere vov €€
aoyns evdady Exavdoay Exarége, al an’ avrdv xadsrol
ayduevar énl ta émimedo, v olg elow of &E doyis
yovia, l6ow alljleis slolv., Omeg &0s dsikon.

1. §govor V; dein 1 linea eras. 2. ZN] corr. ex ZM B.

dorww B. 8. slow loow V. 4, glo/ P, comp. Fb. meot-
éyover Vb. 5. d6r/ V, comp. Fb, 7. tmx] post ¢ del. & m.

2P 8 4K0] KO ecorr. V. 9. 4N] N corr. ex M Bb.
10. AM” N’ b,” 11, 4M B, sed corr.; item lin, 14. 12, 76
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latera reliquis aequalia habebunt [I, 26). ergo I'K
=ZN. sed etiam AI'= AZ. ergo duae rectae
AT, 'K duabus 4Z, ZN aequales sunt; et rectos
angulos comprehendunt. itaque 4K = 4 N. et quo-
niam 40 = AM, erit etiam A@® = A4 M2, uerum
A@* = 4K? 4 K@% nam [ AKO rectus est [I, 47];
et AM?= AN?+ NM?, nam [ ANM rectus est
[id]. itaque 4K?4 K@= AN?-}+ NM? quorum
AKE = AN? itaque K@ = NM? et K@ = NM.
et quoniam duo latera @4, 4K duobus MA, 4N
singula singulis aequalia sunt, et basim @K basi MN
aequalem esse demonstrauimus, erit [ @ 4K = MAN
(1, 8].

Ergo si datis duobus angulis planis aequalibus,
cetera, ut in propositione.

Corollarium.
Hinc manifestum est, si datis duobus angulis pla-
nis aequalibus in iis aequales rectae sublimes eri-
guntur angulos singulos singulis aequales cum rectis
~a principio datis comprehendentes, rectae ab iis ad ea
plana perpendiculares ductae, in quibus sunt anguli

ab initio dati, inter se aequales sunt.!) — quod erat
demonstrandum.
1) Nam demonstratum est (lin. 18), esse K@ = N M.
dmé — 18, #6ri] mg. m. 2B. 12. z7jg] (prius) om. P.
13. 7g] corr. ex zov V, ©®K] e corr. V. 14, 6«50%0:[ dvo
b, 17. MAN éetwv] in ras. m. 1 P. 18. dow F.
icor dmimsdor P. 19. 75 mgordesws] P; om. BFVh.
20. wégrope] mg. m. 2 FV. 22, o] evddypappor loaw

Theon (B FVb). émoraddey PBF. oavzag P.  23. loai]
om, b.  26. omep 8¢t dzifoe] P; om. Theon (BFVbh).
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is’.

‘Edv toeig e0fsiat dvdioyov d61v, 10 éx T
1oLV 6180l v magalinleninedov [ov dorl v
anod tig wéeng 6reger magaiiniemiméde loo-
wAeVo o wév, l6oyovip 0t td moosiouivo.

"Eetwcay 1oels svdsiow avdioyov of A, B, Iy ag
5 A medg wiv B, oVrwg ) B mpog v I' Adym, Ou
©o & tév A, B, I" oregedv iGov éotl 3 dmd vijg B
otepeg (oomAsvom wév, lGoyavip 0} tH meosenuEve.

‘Exxsiodo oveged yovin 7 meog 16 E megieyousvy
om0 tov vmd AEH, HEZ, ZEA, xol xelede tj
uév B ion éxvory tév AE, HE, EZ, xel Guumsniy-
0368w 0 EK oregeov magaldndsmimsdov, vy 0 A
ten 7 AM, el Gvvesrdreo meog tf AM ebdsly xul
t6 medg avrf) onusip te A 1§ meds T E orvegsd
yoviy ion otegea povie 1) megisgopévy vnd tov NAE,
HAM, MAN, %ol xelodo i ptv B log v A5, ]
0¢ T ion ) AN. xol émel éotiv g 7 A mog TV
B, otrwg %) B mdg v I, ley 0% 4 udv A ©jj AM,
7 0% B éxarégq tov A5, EA, 5 8t ' tjj AN, éorw

1. 2s’] non liquet in F. Hinc usque ad finem libri XII
b tanto opere discrepat, ut scriptura eius integra in appen-
dicem reiicienda fuerit. 2. o6t V. 3. gregediv F; -ov in
ras. V.  doriv V, sed corr. 4. ozegeg] om. V. 8. 4] postes
ins. m. 1 P, éx] dmdé B, ondé FV. Post I" supra add.
nmeguegducvoy F. 6teQedv] -6v in ras. V, 10. =] corr. ex
6 V. 11. Post prius 9z6 add. zeidv yoviéry émmédwv m.
rec. FV; dmé zoudv 9. 4. mg. m. 2 B; in textu o=d del. m. 2.

dmd] (alt.) om. BFV. 12, HE] EH P. EZ] corr. ex
ZE V. = 14. log uslodo B.  16. gr2gsc yovie] P; om. Theon
BFV). 17, MAN] Me corr. V. 18. Post 4N add. xel ovp-
zemlnedodw 20 AO cregedy FV, in V punctis del.; © e corr.
V. 20 &uazéon] P; éudory Theon (BFYV). 45] A&, EZ,
EHTheon (BFV). Ed]corr.exEH V. ~Ante I'ras. 1litt. B.
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XXXVL

Si tres rectae proportionales sunt, solidum paral-
lelepipedum ex tribus illis constructum aequale est
solido parallelepipedo ex media constructo, quod aequi-
laterum est et priori aequiangulum.

Tres rectae proportionales sint 4, B, I, ita ut
git 4:B=B:I. dico, solidum ex 4, B, I' con-
structum aequale esse solido ex B constructo, quod
aequilaterum est et priori aequiangulum.

ponatur angulus solidus ad E angulis #EH, HEZ,
ZE 4 comprehensus, et ponatur 4 E=HE = EZ =B,
et expleatur solidum parallelepipedum EK, ponatur?)

4
B
r

autem 4M = A4, et ad rectam 4M et punctum eius
4 angulo solido, qui ad E positus est, aequalis angu-
lus solidus construatur angulis NAS, 5AM, MAN
comprehensus [prop. XXIII, efr. prop. XXI], et po-
natar 45 =B, AN =1T. et quoniam est 4:B
=B:I' et A =AM, B= A5 = E4*%, I'= AN,

1) Intellegitur #slofw ex lin. 11; sed fortasse mnerba xaf
— moagaldnlemimedoy lin. 12 —13 interpolata sunt. cfr. lin. 18.
2) Propter sequentia exspectaueris B = EZ = 4E.
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Goa dg 7 AM medg v EZ, otvwg § AE medg vy
AN. xol megl loag poviag o vmo NAM, AEZ
of mhevgel avnimemdvdoacw: ilgov dgo édetl vo MN
nepeddnioyoaupov 163 AZ megadinloyoduue. xel
émel 0Vo yaovier émlmedor e09Vyoapupor loar slolv of
twd AEZ, NAM, »ol éx’ oabrév psréwgor evdsio
épeordoww ol A5, EH l6ar te dAljiosg xal idas yo-
vieg megiégovear ueva vév & doyis evdadv Exaréoay
fnaréoe, of Hou dmd vov H, 5 onuelov xaderor dyo-
pever éxl e O tév NAM, AEZ énimeda ioou
dAdjheug sloly: dote té 4@, EK 6rsoei Umd T6 avrd
Dog detiv. v 0F éml lowv Booswv ersgse mepadini-
sminsde xal vmo TO avTd Uyog i6e dAifAowg dotiv’
leov &oa darl ©0 @A ovegsov v) EK erege. uel
éove 10 pdv AO 1o éx vév A, B, I erepedv, o 0%
EK ©o dmd tijg B oreoedv ©d doo éx tov A, B, I’
arepeov mugaidnieminsdov iGov Zotl e dmd vig B
oTegeg LoomAsvop uév, (Goyovip O 16 moosionuive’
Omep #0er deikar.

At
'Eav té6eapeg evdelar evdloyov b6y, xal
e an’ adrodv 6reesa magaiindemimedo Spord
Ts nal opolwg dveygoapducve avidoyov deval’
xel dav To dn’ adrdv 6vEQed magalinienineda
Buoid Te xal Opolwg Gvaygagiusve dvdloyov
7%, xal adral of e09elar dvdloyor EGovral

2. AN] NAP. 6. %l ofB. ed@sioe] om.FV. 8. éne-
tégav] supra F.  10. ioa V, sed corr. 11, 40 P.  12. ford
PBV, comp. F. 13, 131:6} corr. ex énf{ m, 2 B.  éoviv: icov
&oo] om. . 14. Z¢1(] éotiv P. 04 P. : 15 40 P.
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erit AM: EZ = AE : AN. et latera aequales angulos
NAM, AEZ comprehendentia in contraria ratione
sunt.!) itaque MN = 4Z [V], 14]. et quoniam duo
anguli plani rectilinei aequales sunt 4EZ, NAM, et
in iis sublimes erectae sunt rectae 45, EH, quae et
inter se aequales sunt et angulos singulos singulis
aequales cum rectis a principio datis comprehendunt,
rectae a punctis H, & ad plana per NAM, AEZ
ducta perpendiculares ductae inter se aequales sunt
[prop. XXXV coroll.]; quare solida 4@, EK eandem
altitudinem habent. solida autem parallelepipeda, guae
in aequalibus basibus sunt posita et eandem altitudi-
nem habent, inter se aequalia sunt [prop. XXXI]. ita-
que ®4 = EK. et 40 solidum est ex 4, B, I" con-
structum, E K autem solidum ex B constructum. ergo
solidum parallelepipedum ex 4, B, I' constructum
aequale est solido ex B constructo, quod aequilaterum
.est et priori aequiangulum; quod erat demonstrandum.

XXXVIL
Si quattuor rectae proportionales sunt, etiam solida
parallelepipeda in iis similia et similiter constructa
proportionalia erunt; et si solida parallelepipeda in
rectis similia et similiter constructa proportionalia
sunt, etiam rectae ipsae proportionales erunt.

1) Cfr, p. 83 not. 1.

otegedy] om. V., 17. wagaldnl’ eximedor, ut semper fere, P;
hic’ in o mut. m. 2; item lin. 24.  20. ¢’} non liquet in F.
21. dor V. 22. magdiinle éninedu F,  23. £otec] miro comp.
F (corr, ex *.9). 24. magdinle émimede F.
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"Eerwoay té6oageg evdsion avddoyov af AB,I'4,
EZ, HO, dg 7 AB ngog tv I'd, obrwg § EZ meog
v HO, xal avayspgdpdwoev and tov AB, I'd,
EZ, HO Gpoid t& xel 6polg xelueve Greged moQei-
MAeminsde 1e KA, ATy ME, NH' Aéyw, ovv éotiv
&g 70 KA moog ©0 AT, otrwg 16 ME moog vo NH.

"Emel pag Ouorov dore ©d0 K A ovegedv magadini-
emimedov ©6p Ay ©0 KA doa meds 16 AL toumia-
elove Aoyov éye. fimeg ) AB mdg Ty I'd. duwi o
avre 0% xal ©0 ME mgos ©v0 NH toimieciove Adyov
e fimep § EZ moog tiy HO. nal derv og % AB
mpds v I'd, ovrwg § EZ meog iy HO. xal dg
doa 10 AK mgos 0 AT, otrwg 16 ME mgdg 7o NH.

‘Arda 07 forw dg 10 AK ersgeov mods to AT
orepedv, ottwg ©0 ME ovegsov mpog to NH' Aéyw,
ore dotly dg 1) AB &09six meog iy I'd, otnws 7
EZ mgos vy HO.

‘Enel yao madw 10 KA mods 16 AT toumiaciove
Abyov e fimee § AB medg Ty I'd, éyer 0% ned 70
ME mgdg ©0 NH zouwiadiove Adyov fimsg 1) EZ meos
v HO, xui édetwv dg 160 KA meog 16 AT, otres
10 ME mgdg t6 NH, nal dg doa %) AB medg wiy
I'4, otros 7 EZ medg v HO.

Eav dpa téoeages e0delor dvdloyov dor xal Ta
éEfig Tijg moordoews' Omeg #0& Osiou.

4. Ante z¢ m. 1 del. greged F. 6. AT'] AT, AM F.
7. 8potov] om. Theon (BFV).  éoriv B. 8. AT Gporov Theon
(BFV). 12. 4 EZ) EZF. =xe/] om. B, 138  NH] H non
liquetinF. 14, AT] T4 V. 1b. gvsesdv] om. V. ~EM V.
otsgsov] om. V. "HN V. - 18. KA] 4 eras. P. 19 éxee]
(alt.) édelydn V. 20. NH] ME F. 16yov Eyov V.
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Sint quattuor rectae proportionales 4B, I'd, EZ,
H®, ita ut sit 4B:I'd = EZ:H®, et in 4B, I'4,
EZ, H® similia et similiter posita construantur so-

K 4
A B Pgd X

E A H CH

lida parallelepipeda K4, AT, ME, NH. dico, esse
KA4: 4T = ME: NH.

Nam quoniam KA ~ AT, erit KA4: AI'= AB?
:I'4* [prop. XXXIII]. eadem de causa erit etiam
ME:NH=EZ’: H®. et AB:I'd=EZ:H@6.
quare etiam AK : AI'= ME: NH.

At uvero sit AK: AT'= ME: NH. dico, esse

AB:I'd = EZ : HO.

nam quoniam rursus K4 : AT’ = 4 B®: ' 4® [prop.
XXXIM],et ME: NH=EZ3: H®®, et KA: AI'==ME
: NH, erit etiam 4B:I'd = EZ: HO.

Ergo si quattuor rectae proportionales sunt, et
quae sequuntur in propositione; quod erat demon-
strandum.

21, AT] A4 e corr. m, 1 F. 24 do1 ned td] doww F.  dow
B. De propositione, quae uulgo est 38, u. app.

Euclides, edd. Heiberg et Menge. IV. 9
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’

Ay

‘Ecv xvfov 1dv dmsvavriov émimédov al
whevoal Oiye tunddow, dia 0t 1dv Topudy émi-
neda ExPAnd®i, B xotvy vouny Tev Emmédav
xal ) toU xvPov Ovduergos Oiye Téuvoveiw
aidfies,

Kvfov pag t00 AZ 1év dmevevriov mimédov
vov I'Z, A® af misvgal Olye terufedwoay xord v
K, 4, M, N, &, II, O, P enusia, di 0% vév vo-
piv énimsde énfepiiodo te KN, EP, xown 0} rou
iy émnédoy forw 1 TX, vov 6% AZ xbfov diays-
viog ) AH. iéyw, 6 log éocly 4 udv PT o TS,
5 8 AT ojj TH.

‘Ensevydocay yip of AT, TE, BX, SH. ol
émel magdddnids Eovw ) A5 i) OF, of dveddét yo-
view of vwd AFY, TOE lom aAifAens eloitv. xol
énel lon éovlv y ptv 45 vff OF, 4 0% BT v 10,
nol yovieg loag megidyovery, fdetg dga 1 AT i
TE éevwy ioy, xal o AET tolyovov v OTE tor
ydvep forly loov xal of Aowwel yoviw tais Aoumals
yovieug loar: lon doe B vl ETA yovie tf vmd
OTE povie. 6w 0y todro evdeid domv % ATE.
dix ta avra Oy xal v BIH eb®eia éorw, nal loy 7

1. 48" codd. 2. xdflov] crsgeot magarlnlemiméidov Theon
(BFYV).  dmevaviiov] corr. ex amsvavtloy m. 1 P. 3. zu7-
daor FV. 4. éxpintf 7] éufindein F. 5. adfov] oreosod
wegaliglemaédov Theon (BFV). 7. xdfov yde] ersesod yae
noapaiiniemnédov Theon (BFV). 10. KN ras. 2 litt. V.
5P] & e corr. P, eras. V, 6v émnédov rowr] BFV.

11. uéfio]';‘)%o‘rsgsoﬁ”ﬂagaunﬂ.emzédov Theon (BFV). 12, %)

oz 8ri] om. F; 8 of (3 VF) T, 4E dige
répvovew dililes, Tovtéoniy o BV et mg. m. rec. F. Tdi'ti;?

éotiv] om. BFV, TZX toy éorty BFV. 18. 47T}
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XXX VIIL

Si in cubo') latera planorum inter se oppositorum
in duas partes aequales secantur, et per puncta sectio-
num plana ducuntur, communis planorum sectio et
cubi diametrus inter se in duas partes aequales se-
cabunt.

Nam in cubo 4Z latera planorum inter se oppo-
sitorum I'Z, 4® in duas partes aequales secentur
in punctis K, 4, M, N, 5, II, O, P, et per puncta
sectionum plana ducantur KN, ZP, et communis pla-
norum sectio sit X, diametrus autem cubi AZ sit
4H. dico, esse T = TX, 4T = TH. '

ducantur enim 47, TE, BX, ZH. et quoniam
A5 rectae OE parallela est, anguli alterni 457,
TOE inter se aequales sunt [I, 29]. et quoniam A5
= OE, 5T = T0, et aequales angulos comprehen-
dunt, erit 4T = TE et 457 = OTE, et reliqui
anguli reliquis aequales [I, 4]. itaque L 574 = OTE.
quare recta est 4 TE [I, 14]. eadem de causa etiam

1) In hac scriptura tuenda consentiunt Campanus, Bono-
niensis, Vaticanus P, quamquam in hoc legitur mg. m. 1: yo.
éav oregeod mugollnlemimédov. sane eadem demonstratio de
quouis parallelepipedo unalet, sed cum propositio de cubo solo
demonstrata propositioni 17 libri XIIT, ‘cui soli inseruit haec
nostra propositio, satisfaceret, Euclides hoc casu speciali con-

tentus fuit.

14. yog] om. F. BX] corr. ex BE m. 2 F. 15. of]
supra m. 1 F. 16, of] om. F. &l6/V, comp. F. 17. OE]
OE F. 18. meqiégover V. 7] Pacer 1 FV. 19. Ion éerl
V. TOE B; OT"E" F; OET, supra ET ras, V.  20. oo
dotiv B. 21, toon] om. BF; loor éoovran Exazéoe Snazéeq V.

22. OTE] TOE B; supra TE add. -- et - m. 2 F.

28, dort PV, comp. F.  Zon] supra scr. m. 2 B.
9*



10

15

132 ZTOIXEIQN e’

BX zjj ZH nal énst %) I'd ©5; 4B ion Zotl xal
wegdiiniog, edde § I'A xel v EH iy ©é dove xal
megiddniog, el ) AB dea i EH ion vé dore xal
nogaiinios. xal Embevyvovew avvag sbPsion of
AE, BH* magdiinlog dga éotlv ) AE =fj BH. loy
doo N ptv vwo EAT yovie vij vmd BHT: évallaf
pdg* 7 0% vnd ATY vfj vmd HTX. 8bo 09 zolyava
ot ve ATY, HTX tog 0vo pavieg talg dvel ya-
viouug loag Eyovva xel plov mieveey wig mwAeved lomy
™y VmorelvovGay VWO pley THv l6ov povidv T
AP v HE" yuioeon pog elor tov 4E, BH' xal vag
Aoumag mlevoag vais Aowweis misvgais icag & lon
doa ) ptv AT vij TH, % 0¢ PT vjj TZ.

’Eov aga #0Bov tedv ansvevtlov émmédov af nlevoal
dlyo TumdGeww, dwe 0t vdv touwv émimede éxPindq,

1. ZH] m ras. V. ] corr. ex «f V.  Zozfv B; item
lin. 2, 3. 2. ol 1“) o FV. 3. do] om. V., EH] H
e corr. F; EH aga 5. Post alt. BH add Theon: =l
slinmron g smxtsgag «bTéy twydvra onpein m 4, T (A ET
F), H, Z, ol snefsux-ﬂmaav of dH, TZ. é» svl doa_sicly
emnst?w of AH, T3, nal émel nagaunlog éovw 7 AE 7] BH
(BFV). Dein in FV seq. ual sc'g adrag emrsmmuw ed@eie 7
4H. 6. uév] om. B, 7 0£] #emv 0t 5 B. HTZX]
TX inras. m. 1 P; HTX i’on B 8. dorww B. 9. mlevody]
om., V. 11, sleww B. 18. 4T] 4 e corr. V. 14. wvﬁov]
otsgeol mogalinleminédov Theon (BFV); item p. 134 lin. 1
15. zpndde V
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BXH recta est, et BX=XH. et quoniam I'A4
rectae 4B et aequalis est et parallela, et I'4 etiam
rectae EH et aequalis et parallela est, etiam 4B
rectae EH et aequalis est et parallela [prop. IX].

4 K z
;’E,' T Y 0
N AW
T
T
B2
\ P
Jr > \
4 N "

et eas coniungunt rectae 4E, BH. itaque 4E rectae
BH parallela est [I, 33]. itaque!) [ E4T=BHT
(nam alterni sunt) [I, 29], et L 4TY = HTX [I, 15].
quare duo trianguli sunt 4TT, HTX duos angulos
duobus angulis aequales habentes et unum latus uni
lateri aequale, quod sub altero angulorum aequalium
subtendit, 47 = HZX (pam dimidiae sunt rectarum
4E, BH), et reliqua latera reliquis lateribus aequalia
habebunt [I, 26]. ergo 4T= TH, PT= TZX.
Ergo si in cubo latera planorum inter se opposi-
torum in duas partes aequales secantur, et per puncta
sectionum plana ducuntur, communis planorum sectio

1) Nam JE, 4H, BH in eodem plano sunt (prop. VII).
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N xown vouy tev émmédov xel n Tob xVPfov Oud-
uergog Olye téuvoverw diiideg: Omsp &de Oeifas,

19,

Eév §j 0vo moldpate (6ovyT, xal 10 piv &y
ooy wagaldnidyoappov, o 0% rolywvov, di-
nmAdGioy 0t 7} 10 magalinidpgepuor Tod ToL-
y@vov, i6a é6ral Ta melopara

"E6tw O0vo molouate (ovyy 1« ABIAEZ,
HOKAMN, xai to ptv ééro Pdow 10 AZ megol-
AnAdyoappov, to 0t 6 HOK volyovov, duwideiov 0t
éo10 10 AZ magadinidygauuov tov HO K zoipavov’
Aéyw, 8ve loov éotl ©o ABI'AEZ moloue vep HOK AMN
neleuaz:.

Svunewinodede peg te AF, HO 6regsd. émsl
dumddaidy dore 10 AZ magadinidygepuov tov HOK
roupdivov, dete OF xel ©0 OK magalinidygauudy
duwhdeiov tov HOK touydvov, lGov dge Zori to AZ
nogoAinidyoapupor v OK mepuddniopoduuep. v O0F
éml lewv Pdeewv OSvre Gregen magadnAeminede xol
Do 0 avrd vpog iGa dlifhosg doriv: lsov doa Eori
© A5 ovegsdy g HO oreges.  nal dote tob piv
AE otegeod fjuov ©0 ABTAEZ molopa, tov O}
HO otegeot fjuov 6 HOK AMN moloue’ loov

3, p’ codd. (in F seq. ras. 1 litt.).  10. 8¢] o Aoumow F.

6] o ¢ corr. m. 2 B.  dumldoioy — 11. roiydvov] om, F.

14, HO] in ras. m. 2 V; H e corr. m. rec. P.  Ante émwe/
add. xof m, 1—2 V. 16. forwv B.  &ore — 17. toiyddvov] mg.
m, 2V. 18. 84] &’ F. 20. o] om. F. otiv] dotly
tooy F, dotiv loe m. 2. 21. HOJ O non liquet FV. = éorww
B. 22, ABT'4ZE F, corr. m. 2. 23. HO? F.
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et cubi diametrus inter se in duas partes aequales se-
cabunt; quod erat demonstrandum.

XXXIX.

Si duorum prismatum eandem altitudinem habentium
alterum basim parallelogrammum, alterum triangulum
habet, et parallelogrammum duplo maius est triangulo,
prismata aequalia sunt.

Duo prismata sint 4BI'4EZ, HOK AMN eandem
altitudinem habentia, et alterum basim habeat 4Z
parallelogrammum, alterum triangulum HOK, et sit
AZ = 2HOK. dico, esse AB4EZ — HOK AMN.,

expleantur enim solida 45, HO. quoniam AZ
= 2HOK, ¢t @K = 2HOK [I, 34], erit 4Z = OK.

B 4 M 0

Z N
I )
o

A

E V4 ' X

solida autem parallelepipeda, quae in aequalibus sunt
basibus et eandem altitudinem habent, aequalia sunt
[prop. XXXI]. itaque 45 = HO. et ABTAEZ
=445, HOKAMN = § HO [prop. XXVIII]. ita-
que 4BI'dEZ — HOK AMN.,
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doo éotl ©0 ABIAEZ moleue 16 HOKAMN
molouare.
'Eov &g ) 0vo moiouere ldoiyi), xal vo udv &y
Boowy magaddnidpgapupov, 1o 0% TOlywvov, OimAaciov
5 0k 7 70 megadinAdygepuov Tob TEywVOV, iGa éorl Te:
molouara® Omep #0s Osties.

, 1. molope] om. BF. 8. ¥xet @ et P (corr. m. 2).
Evxlzidov crovyelwv e PF; Eduleldov oreeeav ia B.
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Ergo si duorum prismatum eandem altitudinem
habentium alterum basim parallelogrammum, alterum
triangulum habet, et parallelogrammum duplo maius.
est triangulo, prismata aequalia sunt; quod erat de-
monstrandum.?)

4 5 ¥_ o
1) In PB figura haec est: € ‘% A
i S

H K
Deinde haec sequitur addito cagrg (sagestéon B) nareyoapr}
& M__0
1

A4 e

€ a
I 2 Z v

H K

In B in fig, alt. pro E est B, et B in 4 mutatum est,
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Te év tolg x¥xAoig Omote moAvVywve meog
&AAnid éaTiv o va amd THY Srauireev TE-
oAy @V

"Eotweav wvxdor of ABI'y, ZH®, xal v avroig
Suowe mwoMdywve f6tw va ABI'AE, ZHOKA, dut-
uergor 0% v xUxiev orweav ai BM, HN' Aéym,
or doriv dg o dmd viig BM tevodyovov mgdg TO
and vijg HN vevgdyovov, ovtwg 16 ABI'AE molv-
yovov mgog 10 ZHOKA molbywmvov.

"Enstevydwoav yoo of BE, AM, HA, ZN. xal
énsl Buowov 16 ABI'AE moidyaovov vi ZHOKA
modvydve, oy &otl xal 7) On0 BAE yovie wjj Hmo
HZA, ol dotiv g v BA mods iy AE, otwas %
HZ mgog v ZA. 0Yo 0% vglywve éovt e BAE,
HZA piloy poviey w@g yovig logy Eovia wy vmd
BAE vjj tmé HZ A, mepl 0% tag ioag yoviag vog
mwhevgag dviloyov: leoydviov dga doti v6 ABE tol-

Edxleldov etoiyelov 1f P; Eduleldov ororyelov tijg Q-
vog #xdéeens Lf F; Ednieldov oregedv § ororgelov of BV; Ed-
#leldov tf . 1. e&') om. V. 2, wmolvydwe B. 5. Ante xv-
xlot eras. lgov V. ABIT'dE, ZHO®K 4 Theon (BF Vq).

6. molvydvia B, 7. ¥yo] o e corr. V. 8. BM] B supra

ger. V. 9. mwolvydwiov B, item lin. 10. 12, 6w 70 BVq.
18, dotl nal) douly q; dotlv walB.  9mé](alt) bisF. 14 HZA]
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L

Similia polygona in circulis inscripta eam inter se
rationem habent quam quadrata diametrorum.

Sint circuli 4BI', ZH®, et in iis inscripta sint
polygona ABI'4dE, ZHOK A, diametri autem circu-
lorum sint BM, HN. dico, esse

BM?: HN® = ABTAJE:ZHOK A.
ducantur enim BE, 4 M, HA, ZN. et quoniam
ABI'dE~ ZH®K A, erit [ BAE=HZA et BA -
tAE=HZ:7Z4 [VI def. 1]. itaque duo trianguli

4 Z

1 4 e K
sunt BAE, HZ A4 unum angulum uni angulo aequalem
habentes, | BAE == HZ A, et latera aequales angulos
comprehendentia proportionalia. itaque triangulus 4 BE

in ras. m. 1 P; HZ in ras, m. 2 B.  z7v] 77} F. 16. HZ A]
H"Z'A F (puncta post add.); ZHAV, HAZ Bq. =p]ziv V.
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yovov t¢ ZHA touyove. io dou dotly ) vnd AEB
yovie ©ff vmd ZAH. did’ % upiv vmd AEB tj tml
AMB éonwv lon éml pag vig evrijc megupegslos fe-
prixecw: 3 0% vmo6 ZAH tj om0 ZNH: xal ) vmd
AMB éga tfj vmd ZNH dorw lon. &ove 0% xal dpd
% vmd BAM 8099 tij vmd HZN lon' xal 7 Aowmq
doa tf} Aoumfj éavwv loy. (leoywviov dea deti ©6 ABM
tolyavov ©¢ ZHN toipove. dvdloyov dga fotiv g
% BM mgos vyv HN, oUrws 7 BA mgés vy HZ
GAde Tod pdtv tiig BM mdg vy HN Adyov diwieclov
dotlv 6 to¥ amd vijs BM tergaydvov mdg 1O dmd
tijs HN vevgdyavov, tob 0% vijg BA moog tiw HZ
duwdealov fovlv 6 100 ABI'AE molvysvov mgog 0
ZHOK A molvpavov' xal g dga ©o amo vijg BM
reTgdyevor mpog 10 awd tig HN rergdymvov, otrug
10 ABI'4E molvyeovov mgog ©6 ZHOK A moldyavov.

Te &g év volg xUxloig Opoix moldyove meog
“AAqid dotiv dg to dmd THY dapdrgwv Tergdyove
Omep #0a dsibee. -

B
Of nvxidot medg alhijrovs elolv g Ta Gmo
T@dv Otapétoov Tetodynave.
"Eetweoy xvxdor of ABI'd, EZH®, Judusrgor
0t avrev [éorwdav] of BA, 2O Ayw, Sr leriv dg
6 ABTA x¥xiog mweds tov EZHG wvxiov, obrmg 70

1. ZHA] corr, ex ZAHV, ZAH B, HZ A 9. 2 ZAH}
ZH"'A'F. 3. Supra. mgupsgs(ag m. ree. add. 'mg BA P.
4. 018 P. 5. 9md] bis V, éouy B. 77] 7 yovle
7P ABMF. iom] om. B. 4] om. q. . AMB B,

’9HZ]Hmrasm1P 10. MB V. 12 8é] o
dnd F, et del. and V. 24, ormear] mg. postea add. m. 1 P.
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13
triangulo ZH.A aequiangulus est [VI, 6]. quare
L AEB = ZAH. sed Ll AEB = AMB (nam in eodem
arcu positi sunt) [1II, 27], et [ ZAH = ZNH. quare
etiam [ AMB = ZNH. uerum etiam

L BAM = HZ N; nam uterque rectus est [III, 31].
itaque etiam reliquus reliquo aequalis est. triangulus
igitur 4 BM triangulo ZHN aequiangulus est. quare
BM:HN =B4:HZ [VI, 4. uerum BM?: HN?
ratio duplicata est quam BM: HN, et
ABT'4E: ZHOK A = BA®: HZ? [V], 20].

itaque etiam ,

BM?: HN? = ABT'4E: ZHOK A.

Ergo similia polygona in circulis inscripta eam

inter se rationem habent quam quadrata diametrorum;
quod erat demonstrandum.

IL.

Circuli eam inter se rationem habent quam qua-
drata diametrorum. -
Sint circuli 4BI'd, EZH® et eorum diametri
B4, Z®. dico, esse
ABT'4: EZH® = BA4*: 2Z6°.

II. Simplicius in phys. fol. 15. Psellus p. 65.

4dBF. léyw — p. 142, 5. dg 10 dnd] Aéyw, ot fotiv dg £o dmwo
wijs Bd teredywvoy (comp. add. m. 2 V) meog 76 dwo ziis ZO
tetodyavoy (om. V) ofrwg 6 ABI'd wvwlog meos tov EZH®
wdudoy. &l yag pr éomw (hic seq. in q: 6 4BI'd windos medg
oy EZH®) dg ©0 ano vijs Bd teroaywvoy (om. V) medg 7o
émd tijg 2O (verdywwov add. Vq), ofvws 6 ABI'A wdulos
moog tov EZH®O wvnlov (ottws — wvnlor om. q), forer dig
70 and (meog Téy — amé om. F) BFVq et P mg. m. 2 (ye.
xod oftwg eb in fine 7 Ofre yoapy xal neslfrrov fordy).
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ano vijg B4 tevodymvov medg t0 ano vijg ZO tergd-
poVoV.

Ei poo wif oty &g 6 ABI'A xvxlog mpdg tov
EZH®, otrwg 10 dnd vig Bd tevgdymvov meog v
and tiig 2@, ¥ovou dg v6 amwd vijg B4 medg v dmo
viig Z®, otrwg 6 ABI'A uixlog #ror mgog éAaceoy
7 100 EZH® xvxiov ywolov 7 meodg usifov. &erw
meoTEQoy meog Elacaov 16 X, xal Syyspedgpde &g
vov EZH® wixlov vevgdyovov t6 EZHO' 10 0y
dyyepoouuévor teTodyovov usifdy deriv 4 TO Tuiov
100 EZHO xvxdov, énadijmeg éov dwe tév E, Z,
H, O onuslov épantouévag [e09sleg] tov wnvuhov
dydyousy, ToU TEQLYOaPOUEVOV el TOV KUKAOY TETQU-
yovov fuiev éote ©6 EZHO terodymvov, tot 0% megi-
youpivrog tergaydvov EAdrrov oty & xUxlog’ @oTE -
10 EZH® ppeygapuévov tergayovov usifdv éore Tod

. qulesog 100 EZHO xvxiov. verpiedacay Olye of

20

25

EZ, ZH, H®, OF meoupéosion xave: e K, 4, M,
N enueia, xel énelevydwcoy of EK, KZ, 724, AH,
HM, MO, ®ON, NE* xai &acvov égo vév EKZ,
ZAH, HM®, ONE rodvov psitov donw 4 o
ey 1ot xed’ favrd Tuijuoros 1o xUxdov, émedrmeg
o dw wév K, 4, M, N onuclov épamropévag tov
wvxdov dyayousy xel dvaminodcousy to dml TV
EZ,ZH, HO,®E ebdadv nagallnlopgapue, éxedrov

8. 6] supra m, 1 P.  b. zijg B4 ~— 6. w¥ulog] om. F.
5. Bd tsreoyovoy V. 7. 7] om. V; supra flaccov ras. est.
#v#dov] supra ser. m. 1V, ~ 9. EZH@] (alt.) E supra m. 1 V.
on} 0 FV. 12. &59elog] om. BFVq. 13. didyoucy
Bgq, dweydyouey B m. 2 et F (8:- enan.). 15. - 8ldeoav .
17. fulesog BV q. 18. @E] supra m. 2 B. 20. EXZ]
Z ecorr. m. 1 V. 21. HM@®] H e corr. =; @ HM®, del.
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¢ Nam si non est 4BI'4: EZH® = B4*: Z®?, erit
ut B4?: 726 ita 4BI'4 aut ad minus aliquod cir-
culo EZH® spatium aut ad maius. sit prius ad mi-
nus, X. et in circulo EZH® inscribatur quadratum -
P EZH®6 [IV, 6]. quadratum igitur inscriptum maius °
§ est quam dimidium circuli EZH®, quoniam, si per
puncta E, Z, H, ® rectas circulum contingentes duxe-
3 rimus, quadratum EZH® dimidium!) est quadrati
i circum circulum circumseripti, et circulus minor est
i quadrato circumscripto; quare quadratum inscriptum
! EZH® maivs est quam dimidium circuli EZ HO.

Iy

0

iam arcus EZ, ZH, H®, OF in punctis K, 4, M,
N in binas partes aequales secentur, et ducantur EK,
KZ,7Z4, AH, HM, M®, ®N, NE. itaque etiam
singuli trianguli EKZ, Z4AH, HM®, ® NE maiores
sunt quam dimidia segmentorum circuli ad eos perti-
nentium, quoniam si per puncta K, 4, M, N rectas
circulum contingentes duxerimus et parallelogramma
in rectis EZ, ZH, H®, @E posita expleuerimus,

\ 1) Hoc facile ex I, 47 demonstratur, coll. VI, 20 coroll.

pr. © et supra scr. bis M F. ONE] supra.add. N m. 2F.
22. fawrd] corr. ex favrdy m. 2 B. 25, Post Exaoror
add. o m, 2 F.
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tov EKZ, ZAH, HM®, ONE toipcvov fuiev
dotar 10U ned’ Efavrd magaAdnAopgdumov, GAA: O
%’ Eavro tuiue Eavtdv ot vod magaiinAoygdupov’
oors Exaorov vov EKZ, ZAH, HMO, ONE g
yovoy usilov €6t vod nuldswg Tov xed fevrd Twi-
porog TOU xuxAov. véuvovrss 01 Tog UmOAsimoudves
megupsgelag Olya nol émtevyvivrsg svdelag xal vovro
el worotvreg xoTadelpoudy Tive amorufuare Tod xUxAov,
& ¥oraw éldecova Tijg vmegoyis, 1 vmeoéyer 6 EZHO
xvxhog Tov X ywolov. elydn pag v TH mewre
Seogruart ToH Odexdvov fifiiov, Ore dvo pepeddv
aviGov xxeiuévov, av amd tod uslfovos dpergsdi]
ueitov 4 ©0 Tuov xal To¥ xavedsmoufvov usifov 1
70 7ueov, xal tovro del ylyvyrow, Asipdijestel T pé-
yedrog, 0 é&orvar Elaceov Tov duxsipévov éAdeGovog
peyédovs. Aedelphw odv, xol Eore th éml rév EK,
K2, Z4, AH, HM, M®, ®N, NE tujuore tov
EZH® xvxhov éldtrove i vmegoyiig, 5 UmeQEyst
6 EZH® xbxios tov X ywelov. Aowdy &oe 70
EKZAHM®N nolvyavov usitov éoti tod X yoglov.
épyeyodpde xel slg vov ABI'A xvndov vg EKZAHMON
woAvyave ouotoy molvywvoy t6 AEBOIIIAP ierw
doo &g t0 émo thg BA rvevodymvov medg o amd vig
Z@ reTpayavoy, ovteg 10 AEBOTIIAP molvywvoy
mpog 10 EKZAHMON moivyovov. dAde xel o
70 amd vijg BA zerodyovov meds 10 dmo g 20,
ovtwg 0 ABI'A windog mods ©d X ymglov' xel &g
doo 6 ABI'A wixdog moog 10 X ywelov, oimwg T0

1. EKZ] KZ in vas. m. 1 P; EZK q. Post @NE ras.

2lith. B. zoydbvor] ¢ in ras. m, 2 B.  furov — 4. rorydven]
bis B. 2. fevrd] corr, ex favrdy m. 2 B (priore tantum loco).
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singuli trianguli EKZ, ZAH, HM®, ® NE dimidia
sunt parallelogrammorum ad eos pertinentium, et
segmenta ad eos pertinentia minora sunt parallelo-
grammis; quare singuli trianguli EXZ, ZAH, HM®,
®NE maiores sunt quam dimidia segmentorum ad eos
pertinentium. itaque relictos arcus secantes et rectas
ducentes et hoc semper facientes segmenta quaedam
circuli relinquemus, quae minora erunt excessu, quo
circulus EZH® spatium X excedit; nam in primo
theoremate decimi libri demonstratum est, si datis
duabus magnitudinibus inaequalibus a maiore plus
quam dimidium subtrahatur et a relicta plus quam
dimidium et hoc semper fiat, magnitudinem relictum
iri, quae minor sit data magnitudine minore. relin-
quatur igitur, et segmenta circuli EZH® in rectis
EK, KZ, Z4, AH, HM, M®, ®N, NE posita mi-
nora sint excessu, quo circulus EZH® spatium X
excedit. itaque EKZAHMON > X. inscribatur
etiam in circulo 4BI'4 polygonum A EZBOI'IIAP
polygono EKZ AHM®N simile, erit igitur B4* : Z6?

EBOI'TAP: EKZAHM®N [prop. I]. uerum
etiam B4%: ZO? = 4ABI'4: 2. quare etiam 4BI'4: X

3. av7é P. #lagooy B (utroque loco), Vq; comp. P,

4. dore nal V. 5. Huleeog BFVq. 8. atel F, asl o.

Tuijpore B. 9. éldrzova BFVq.  10. X] corr. ex E B.

12. #x- corr. ex #y- in scr. F, 13. el — 14. fipsev] o, P.
14, Inpdrjcerer q. 15, Fovex] demv FV. 16, lslijpde

F ot V (sed corr.); slljpdo q. 17, HM] mg. m. 1 P.

et — 18, uvulov] mg. m. 1V, 18. EZH@] EZO V,

EZ q. Zlacgove B. 19. EZH®] pro E c in ras. o.

20. EZKAHMON P.  molvydwvioy q. 22, opowv] n ras.

m 2V, Oin ras. m. 1 B; I'mg. V. 24. obrwg — 26.

Z20] bis V, corr. m. 1.

Euclides, edd. Heiberg et Menge. IV. 10

N IIIIIIEE——————————————..



10

15

20

25

146 ZTOIXEIQN if’.

EBOT'MAP moibyovov meds t6 EKZAHMON
modvyovov: veddet doa dg 6 ABIA wvxdog mpds
70 v avrg moldywvov, ovreg T0 X ywelov meog TO
EKZAHM®N noiddyovov. pelfov 0t 6 ABI'A xv-
xdog To¥ dv avrd molvywwvov' usifov Hoo xal 10 T
gwolovy 100 EKZAHMON molvydvov. dldo xel
#avrov' Gmep dovly d0Uvavov. ovx Hpa fetiv dg v0
and g B4 vevodyovov modg 0 amo tiig ZO, ovrweg
0 ABT'4 wvxdog medg #Aeeaov v rot EZH® xvxiov
gwolov. ouolwg O deifopev, Ote 000t dg 0 dnl 2O
npog ©0 and B, ovrwg 6 EZH® xvxlog meog éhae-
60v tt 100 ABI'A xvxdov yoglov.

Aéyo 01, Gtr 000t &g ©O dmo vijg BA medg ©0
amd tijg ZO, obrwg 6 ABI'A uvxlog meog usitdy w
00 EZH® xvxlov ywelov.

E¢! yag dvvardy, é6to medg psifov 1o X. avd-
nodw doo [foriv] &g 0 amd vig ZO vevrpdywvov
meog 0 amd g AB, obrwg 10 X ywelov meds TOV
ABI'A wxhov. dAd ag v6 X ywelov medg tov ABI'A
#Uxdov, oUtmg 06 EZH® xvxlog meps EAartdv o TOD
ABI'4 xbxiov ymelov' xal dg &oa 16 amd vijs ZO
mwog 0 amd tijg BA, otrwg 6 EZHO wixhog meos
a6y T oD ABI'A xbxiov ywelov: Smep ddvvaroy
&ely®n. ovx Hoa fotlv &3 1O awd vijg BA verod-
yavov medg T amd tig ZO, ovtwg 6 ABIA wixiog
mog pelfov o 100 EZHO xvxdov ywelov. E0elydn
04, 61 ov0% mog éAaceov' ZoTwv doa g TO GO THS
B 4 zergdywvov mods ©6 amd viig ZO, otrwg 6 ABI'4
xvnhog meog vov EZHGO wixiov.

3. ¥v avrg] AEBOTIIAP V. 4, psifev] corr. ex pei-
¢ov m. 1 BV."" 5. xa/] supra m. 2 B, 7. deziv] om. V.
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= AEBOI'ITAP: EKZAHMG®N. itaque permu-
tando [V, 16]

ABI'Ad : AZBOI'TTAP = X: EKZAHMG@N.
sed 4BI'4> AEBOI'IIAP. quare etiam

Z>EKZAHM®N.

. uerum etiam X < EKZAHMON; quod fieri non
potest. itaque non est ut B4% ad Z®?2, ita circulus
ABI'4 ad spatium aliquod minus ecirculo EZH®.
iam similiter demonstrabimus, ne circulum EZH®
quidem ad spatium aliquod minus circulo 4 BI'A4 eam
rationem habere quam Z®?: B 42

Jam dico, ne ad maius quidem spatium aliquod
circulo EZH® circulam 4 BI'4 eam rationem habere
quam BA%:Z@% -

nam si fieri potest, habeat ad X maius circulo
EZH®. e contrario igitur [V, 7 coroll] Z&*%: B4?
=X:4BI'4. uerum ut X spatium ad circulum
ABTI'4, ita circulus EZ H® ad spatium minus circulo
ABI'A [u. lemma]. quare etiam ut Z®%: B4? ita
circulus EZH® ad spatium aliquod minus circulo
ABTI'4; quod fieri non posse demonstratum est. ita-
que non est, ut B4*: Z@®2, ita circulus 4BI'4 ad
spatium aliquod maius circulo EZH®. demonstra-
uimus autem, ne ad minus quidem eum illam habere
rationem. est igitur BA?: Z®% = ABI'4d: EZH®.

éotlv — doa] supra m. 2 B. 8. 7ijg] om. Bq.  dmd zijg]
om. V. ZO tergdyever BFVq. 9. #larroy B. 10, z7j¢
26V, i1, ziig B4 V. 18. 84j] 8¢ FV. 09d” F.

17. oviv] om. P. 18. 4B] B4 zsreaywvor V. 19. @il
@§ — 20. xiulor] om. g. 20, xoudoy] om. V; mg. m, 1:
9 evdog fosl P. #laosov BV q. 94, BA] 4B P.

27. medg] om, V, 28. B4] AB P. 26 retedywvov BV.

10*




148 ZTOIXEIQN f’.

Ol dga xvxhow wedg arlqjiovg eloly dg To dmd Tdv
diapérooy tergdyova: Gmeg &0 Osibar. ‘

Aijppe.
Aéyw 01), 6t vob X ywelov peifovos dvrog Tov
5 EZH® xvxlov éorlv og 10 X ymolov medg tov ABI'A
xvxhov, oUtwg 6 EZHO xvxlog modg EAarrdy T1 10U
ABI'A xbx%iov yweiov.
Teyovérw yop @g ©0 X ywelov medg tov ABI'A
aUxdov, ovtwg 0 EZH® xtxiog mgog 10 T ywelov.
10 Adyw, Ot Elarrdv devi to T ywelov tot ABIA xv-
xdov. émsl pag dovwy @g ©0 X yogelov medg vév ABI'A
wixdov, ovrwg 6 EZHO wvxlog medg vo T ywelov,
dvedddt doTy og 10 Z yowplov medg tov EZHO xv-
xhov, oltwg 0 ABI'A xvxlog mgog ©6 T ywelov.
15 psitor 0t 70 X ywelov vov EZHO xvxiov' usllov
doa nal 6 ABI'A xbxdog tov T ywglov. dors derly
g 10 X ywolov meds tov ABIA xvxiov, olrag 0
'EZH® wvniog meds Elertdév i 100 ABIA wvxlov
qoglov: Gmeg #de dsifas.
20 ' y.

ITaoa mveapls rolywvor égovoa Bdewy Srar-
oeltar &lg 0vo mvoauldag loug T xal opolag
aAdijiarg xal [opolag] v Ay toiydvovg égov-
oas Bdaceig xal &lg Vo molopara loe xal To

25 0vo molopara uelfovd Zetiv 3 70 fjuiev Tis
8Ang mvoauldos.

3. 1fjupe] om. codd. 6. #lagooy BV q. 7. wvulov]
om. V. 9. z¢] corr, ex ©d» m. 1 P.  10. #legoov B, comp.
F. 12, udndog] om. V., 13. 21 EF. 16. peifov] -ov
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Ergo circuli eam inter se rationem habent quam
quadrata diametrorum; quod erat demonstrandum.

Corollarium.?)

Dico, si EZH® > X, esse ut X spatium ad cir-
culum 4BI'd, ita circulus EZH® ad spatium ali-
quod minus circulo 4BI'4.

fiat enim X: ABI'd = EZH®:T. dico, esse
T< ABI'4. nam quoniam est X: ABI'4d = EZH®:T,
permutando erit [V, 16] X: EZH® = ABI'4:T.
sed X > EZH®. quare etiam 4ABI'A4> T [V, 14].
est igitur, ut spativm X ad 4BI'4 circulum, ita cir-
culus EZH® ad spatium minus circulo 4 BI'4; quod

erat demonstrandum.

IIL
Omnis pyramis triangulam basim habens in duas
pyramidas inter se et aequales et similes totique similes
triangulas bases habentes et in duo prismata aequalia
diuiditur; et duo prismata maiora sunt dimidio totius

pyramidis.

1) Hoc lemma an genuinum non sit, dubitare licet; etiam
loci quidam in ipsa demonstratione suspecti sunt. sed de hoc
toto genere, scilicet interpolationibus ante Theonem ortis, post

modo uidebimus.

ecorr. V. X]EF. 18 #laccoy BFVq.  uvulov] om.
V. 20. 7'] om. q; non liquet F.  21. Post telyawvoy 4 litt.
eras, P. 22. Post el ins. z¢ m. 2 F. 7 nol opolag]

supra m. 2 B, om. FVq. 28. dilsflag P, -ag e corr.  Dein
seq. in BFVq: reuydwovs (ov e corr. V) éyoveeg (corr. ex
éyovoa m. 2 F) Pdosts.  opolws] om. P, zeryavov P, corr.
m. 1. coydwovg éyovees facsis] om. BFVq.  24. foe] om.
F, in ras, V. nal te 0do melopara] om. F.
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"Eorw mveouis, fg Pdeig wév 6t ©d6 ABI vol-
yavov, xoguey 0% 10 A onuelov: Aéyw, 6v 7§ ABL'A
mvgapls Oargsivar &g 0vo mvgauidag loag dlirfieg
rouyavovg Paceg dgoveag xal Ouolag Ti} 6Ay xol &lg
dvo molopare loa xal ve 0vo molopara uslfovd éotiy
1 0 fuev tijg BAng mveauidog.

Tsturjedwoay yog of AB, BI'y, I'd, Ad, 4B,
AT dige noze ve E, Z, H, ®, K, A oqusie, %ei
énsletydwoov of OE, EH, H®, ®K, K4, 40, KZ,
ZH. émel lon éotlv ) udv AE vjj EB, 5 0% 40O 1j
A0, mogdilnlos bou doviv i EG vij AB. e e
avta 0y xel % OK vfj AB magdidnids éomiv. mep-
adinidyeappoy kg éevl 10 @ EBK: lon &ga éotiv 4
OK tjj EB. diix ) EB tfj EA forw ion xal 7
AE &ga i OK Zovw lov. &orv 0% xal 5 AO 7j
@4 lony* 0vo 0y af E4, AO® dvel raly KO, @4
loow eloly éxavéoe Exardog” xel yovie % vmé EAO
yovig ©fj vwd KO ioy foacig dga ) E® Pdes i
KA éenwv ley. Ileov dga nel Ouoidy éor 1o AEO

20 telyovov te OK A toupdve. S te avte Of xel T0

AOH rolyovov 16 @A toiydve lGov 7€ éome %ol
Suotov. xel émsl 0vo evDelw amrdusvon dAijlov ol
E®, OH mage Vo evdelug amvopéveg diijiov vag
K4, 44 &ew ovx v ©6 alrg dmnidp ovew, loag

25 pawlag meguéfovawy. len &oa éotlv ) vmd EOH po-

vie vij o0 KAA yovig. xal émel 0vo eb@sion of
E®, OH dvel teig K4, 44 l6a elolv éxorépa éxa-

1. z6] corr. ex Y m. 2 F.  4BI'd4 F, et B, eras. 4.
roiyovor] 4° F. 7. 4B] 4E F. 8, AI'] I" e corr. m,
1 ¥, 9. EH] HE FV. © K] supra scr. m. 2 B,

11. 4@) in ras. V, @4 B, E4 F, 4B] 4E P, 12, o1
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Sit pyramis, cuius basis sit 4 BI" triangulus, uertex
autem punctum 4, dico, pyramidem 4BI'4 in duas
pyramides diuidi inter se aequales triangulas bases
habentes et toti similes et in duo prismata aequalia,
et duo prismata maiora esse dimidio totius pyramidis.

secentur enim 4B, BI, I'd, A4, 4B, AT in
duas partes aequales in punctis E, Z, H, ©, K, 4,
et ducantur @E, EH, H®, @K, KA, 40, KZ, ZH.
iam quoniam 4E= EB, 40 = 40, erit E® rectae
4B parallela [VI, 2]. eadem de causa etiam ®K
rectae 4B parallela est. itaque parallelogrammum
est @EBK. itaque @K = EB [I, 34]. uerum etiam
EB=EA. quare etiam E4 = @K. uerum etiam
AB@ = @d. itaque duae rectae EA4, A® duabus KO,
@4 aequales sunt singulae singulis; et [ EAO® = K@OA
[I, 29). itaque E® = K 4 [I, 4]. quare triangulus
AE® triangulo @K 4 et aequalis est et similis [I, 4].
eadem de causa etiam triangulus 4@H triangulo @44
et aequalis est et similis. et quoniam duae rectae
inter se tangentes E®, @H duabus rectis inter se
tangentibus K4, 4.4 parallelae sunt in eodem plano
non positae, aequales angulos comprehendent [XI, 10].
itaque [ EOH = KdAd. et quoniam duae rectae
E®, O H duabus rectis K4, 4 A aequales sunt singulae

q. 14. EA]inrss. V, 4E BF.  156. AE] EA P.  ou]
Zoriv P. 401 @4 P, 16. ®4] 40 B. EA] Ed q,
AE BV, 17. E4, 460 PB. 18. K@, @4 PBF.

19, lon éovl q. 4E®4 F. 20. rgl'ymvov] comp. F
K@4 FV, 21. 4BH o. @®K4 F. Post muymvm rep.
in F: dut et atra 07 nel 70 AOH telyovoy 16 OAd toi-
yave. 7&] om. P. 23. anrdpsver (. 25, éoTar q

E@ @H PBF. 26. K4, 44 PF, et B, alt. Aeras
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téoq, xal yovie 3 twd EOH yavie tf vmo K44
dorwv loy, Paeig doo vy EH Bdoe vfj KA [domwv] Loy’
loov &go xol Buowdy éov 16 EOH volyavov v KAA
touyadve. 0w ta evta 0N xel 10 AEH tolyevov 16
5 OK A voydve leov ve xal Suotdy doniv. 7 doe muge-
uig, Ng Poeig pév éevi 10 AEH tolyovov, xoguyy
0t 70 @ onueiov, loy xel duoln fov) mveauidi, fg
Bdeig pév éove ©6 @K A tolyavov, xogupy 0 ©0 4
onueiov. xol émel vouyw@vov tov AAB moaga uleyv
10 Tdv whevody Ty AB fuvar 4 OK, leoydvidy éom
76 AAB rolyovov 1 4OK touydve, xal vog mhev-
pdg avdioyov Eyovew:* Buoiov dea éoti v0 AAB Tl
yovor 6 AOK touydve. dik e avre 07 xal 0
utv ABT volyovov ©¢5 AK A roupcve Suoiov éotwv,
16 70 08 AAT 16 AAB. xal énsl Vo evdeiwn amro-
pever ¢AidAov of BA, AT magh dvo ebPeleg dmrvo-
uévag dlijiov tig KO, @4 slow odx év e avrd
émnédo, loag yoving mepiébovaw. lon doa dotiv 7
vn6 BAT yavie vf) vwd KOA. xoi dotwv ég 7 BA
20 mwpog Ty AT, otrwg 7 KO meog wjy @A Sgooy
doa éotl 10 ABI tolywvov v @K A toupdve. xel
nvoauls doa, fig Pdcig uév éovs 1o ABI zelyavov,
xogupy O0F 10 A onuciov, duole éarl mvoauide, g
Bdaig uév ot 16 OK A velyavov, xoguey 0t v A
25 oqueiov. dAdx mvgepls, g Pdaig uév [fom] 1o OKA
rolyavov, xogupy 02 ©o A onusiov, buole 0elydn

1. E@, @H PF, et B, eras. alt. ®. Kd, 44 PBF.

2. EH) HE F, 9n6 EHB. &¢tw] om. P. 8. KA4 FV.

4. EAH FV. 5. t¢ éouv nal ouosov P. 7. docl] ot
; FVaq. 8. ®KA4] @ in ras. B. 11, ABd4 P. 70V
40K toiysvov F. J0K] @4K V; 4K@ B. 12. A4B]
corr, ¢x ABA V, ABd F. 14. oz PBVgq, comp. F.
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singulis?), et L EOH = K A4, erit EH = K A. quare
triangulus E@H triangulo K44 et aequalis est et
similis [I, 4]. eadem de causa etiam triangulus 4 EH
triangulo @K 4 et aequalis est et similis. itaque py-
ramis, cuius basis est triangulus 4 EH, uertex autem
punctum @, aequalis est et similis pyramidi, cuius
basis est @K A triangulus, uertex autem punctum 4
[XI def. 10]. et quoniam in triangulo 4.4 B uni lateri
A B parallela ducta est @ K, triangulus 4 4 B triangulo
40K aequiangulus est [I, 29], et latera proportio-
nalia habent. itaque triangulus 44 B triangulo 4@ K
similis est [VI def. 1]. eadem de causa etiam triangulus
A BI triangulo 4K A4 similis est et 44T triangulo
A446. et quoniam duae rectae inter se tangentes
Bd, AI' duabus rectis inter se tangentibus KO,
@4 parallelae sunt non in eodem plano, aequales
angulos comprehendent [XI, 10]. itaque [ BAI'=K6®,
et BA: A = K®:04.%) itaque triangulus 4BI"
triangulo ® K 4 similis est [VI, 6]. quare etiam py-
ramis, cuius basis est triangulus 4 BI’, uertex autem
4 punctum, similis est pyramidi, cuius basis est
triangulus ® K 4, uertex autem 4 punctum [XI def, 9].
sed pyramis, cuius basis est triangulus ® K 4, uertex
autem 4 punctum, similis est pyramidi, cuius basis
1) Nam E®@ = Kd et A AGH < OdA.

2) Nam AB: @K = Ad: @4, quia A 4Bd ~ @K ; et
Ad :@d = AT : @4, quia A AT'd ~ 4604, tum n. V, 16.

15. ABT F. 446 zerysve Theon (BFVq). 16. Post
@idfloy del. m. 1: of B4, A’ P, 17, @K FV. 19, yo-
vie] om. V. og] supra m. 1 V. 7] corr. ex 4 V.

29, doc] om. FV. ~ 23. feuiv B.  25. g Pricis] mg. m. 1 P.
dou] om. PF. fomi ©6 — p. 164, 1 pév d¢7] mg. m. 2 B.
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mvoaplde, g Pieig péy dov ©6o A EH rvolyavov, xo-
ovpn 0% ©0 @ oqusiov [Bove xal mvgeuls, fg Pdoig -
utv 6 ABI tolywvov, xogupy 0% ©d A onuelov,
buole vl muvgapldi, ng Pdeg pdv vo AEH volyw-
vov, xoguepy 0 10 @ oenusiov]. éxavdgn &oo THV
AEH®, OKAA mvgauldov buole Zoti tf Ody +f
ABI'A mvgauldr. — Kol énsl lom éoviv % BZ vj
ZI', duwiaewov éZore ©v0 EBZH magalinidpeapuov
vob HZI toupcvov. el émsl, v 9} dvo molouate
looipi], xal ©o6 piv &y Pdaw meguAinAdyauuov, v0
0t rolywvoy, Oumddeiov 0t 7 ©O mageiinidygauuov

. voD voupavov, lea forl to molomarve, lGov dgu éotl

15

20

25

v0 melope TO megueyduevoy Vmd Vo uiv Toy@VEY
1év BKZ, EOH, ooy 0% mogailnlopgdupoy tov
EBZH,EBK®, OKZH ©§ nglopart ©¢) weQueyousve
U 0vo uiv touydvev tév HZI, @K A, toudy OF
wogadinloyeduuwy tév KZI'd, ATH®, @KZH.
nel pavegdv, 8t éxdregov Thv moLeudTOY, 0V TE PidIg
10 EBZH moagallnidygappov, amsvavriov 0% 5 OK
svdein, nal 0O Pdaig 6o HZI rolyaovov, dmevevriov
0} 70 @K A4 volyovov, usitov éotwv Snarégag Thv mvge-
uldov, dv Pdesg utv va AEH, @K A tolywva, %0-

‘ovpal 0% vd O, A enuseln, éweidinso [xal] éov ém-

tevtouey tag EZ, EK ebdelug, vd ubv molope, ov
pdewg 16 EBZH maguiinidygouuov, dmevavviov 6%
5 OK eb9ete, peildv fove vijg mvgauldog, fig Pdoig
t6 EBZ tolyovov, xogupy 0 vo K enusiov. aid

1. ott] om. Fq. 26] et in textu et mg. m. 2 B.
2. dove — 5. onusiov] om. P. 3. pév dowe V. 4. dov{] om.
F. pév dout V.  zolywvor] AN F. 7. mvoapld:] in syll.
nvoa des. F; reliqgnam partem a @ suppletam hic neglexi.
10. &yp] corr. ex &yar m, 2 P.  11. 4] &y V. 14 KZBY.
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est 4EH triangulus, uertex autem ® punctum, ut
demonstrauimus. itaque utraque pyramis AEHO,
@K A4 similis est toti pyramidi 4BI'4.
Et quoniam BZ=ZT,erit EBZH=2HZI'[],41)].
et quoniam, si datis duobus prismatis eandem altitudi-
4 nem habentibus alterum ba-
sim habet parallelogrammum,
alterum triangulum, et par-
allelogrammum duplo maius
est triangulo, prismata aequa-
lia sunt, prisma comprehen-
sum duobus triangulis BK Z,
E®H et tribus parallelo-
grammis EBZH, EBKG®O,
4 E B @KZH aequale est pris-
mati comprehenso duobus triangulis HZI', @K A et
tribus parallelogrammis KZI'4, AI'H®, OKZH
[XT, 39]. et adparet, utrumque prisma, et cuius basis
sit EBZ H parallelogrammum, ei autem opposita recta
@K, et cuius basis sit triangulus HZTI', ei autem oppo-
situs triangulus @ K 4, maius esse utraque pyramide,
quarum bases sint trianguli 4EH, @K A, uertices
autem puncta @, 4, quoniam, si duxerimus rectas
EZ, EK, prisma, cuius basis est parallelogrammum
EBZH, ei autem opposita recta ® K, maius est pyra-
mide, cuius basis est triangulus EBZ, uertex autem

17. Post zéw del. Z m. 1 V. KZI'Ad, ATH®, OKZH]

mg. m. 2 B, in textu eras. EB, ZH, XK@, 18, 67 nal V.,
19, EBZH] B in ras. B, 22. fdog PVq, et B, sed

corr, AEH] in ras. V. xogver q. 23. xal] om. BVq.
26. peifov] supra ser. w m. rec. P. zijs] om.

217. ‘L’QL’)’WT(;'V. oze V.
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% mvpapls, ng Peeis ©6 EBZ tolyovov, xoguepy O
70 K enueiov, loy derl mvoauids, 1 Pdeis ©6 AEH
Tolyovov, xogupn 0% 7o @ oqusiov' Umd pag icwv
xel Opolwy émimédoy megiéygovrar. d6tTs xal T mlous,
0¥ Pdaig utv ©6 EBZH mageiinidpeepuov, dmevay-
viov 8 7 @K ebdeia, psitdv éori mugauldog, fg Poaig
utv 6 AEH volyovov, xopupy 0% 1o @ ayusiov. ldov
0% ©0 pdv moleuax, o0 Pdeig vo EBZH magellnic-
yoaupov, amsvevtiov 0% § OK ebdsiw, vo molouart,
ot Pdeig utv vo HZI volyovov, dmevavriov 0% ©0
OK 4 volyovov: 5 0% mveaulis, ng Pdes 16 A EH vol-
yovoy, xoguey 0% to @ enusiov, ley fotl mvoaulll,
ng Biaig 76 O K A tolyovov, xogupy 0} 16 A oqueiov.
16 doa elonuéve 0vo molopate pelfovd ot vHv lon-
uévoy dvo mveeuldov, dv Bdess utv to AEH, OKA
Tolyove, xopvpal 0t ta @, 4 oyucia.

‘H dge Siy mvoouls, g Pdcig v6 ABI tolyovov,
xopuey 0% 10 A enusiov, dujenrar &ig re dvo mvgn-
uidog leag aAlfjesg [xal Opolug ©fj 8Ay] xel elg dve
molouere [6e, xal ve dvo molopare pclfovd fomwv 1)
70 fwev vig OAne mvoauldog Gmwep &0 Ostbar.

0"

’Edv 661 0vo mvgauldsg dmd o adro Upog
Toiydvovg Egovoar faceg, diavgedy 0% fxa-
répa avrév &lg ve 0¥0 mvgauldag leag dAdi]-
Aaig xal opolag tf 8Ay xal sl dvo melopare

2. 6] (alt.) z¢ q. 4, ©6] om. V. 15. dvo] B V (in
mg. transit). nveapldoy] in ras. m. 1 B. fBdozig] Peoes
B (corr. m. 2), q, comp. V.  OKA4] @K inras. V. 18.7g] om.
V. 19. loag z& nel opolog edd. nal époles v 6iy) om. P.
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punctum K; pyramis autem, cuius basis est triangulus
EBZ, uertex autem punctum K, aequalis est pyra-
midi, cuius basis est 4 EH triangulus, uertex autem
punctum @; nam planis aequalibus et similibus com-
prehenduntur; quare etiam prisma, cuius basis est
EBZH parallelogrammum, ei autem opposita recta
®K, maius est pyramide, cuius basis est triangulus
AEH, uertex autem punctum @, prisma autem, cuius
basis est parallelogrammum EBZH, ei autem oppo-
gita recta @K, aequale est prismati, cuius basis est
triangulus HZT, ei autem oppositus triangulus @ K 4;
pyramis autem, cuius basis est triangulus 4 EH, uertex
autem @ punctum, aequalis est pyramidi, cuius basis
est triangulus ®K 4, uertex autem 4 punctum. ita-
que duo illa prismata, quae nominauimus, maiora sunt
duabus pyramidibus, quas nominauimus, quarum bases
sunt trianguli 4 EH, ® K A, uertices autem puncta @, 4.

Ergo tota pyramis, cuius basis est 4 BI triangulus,
uertex autem punctum o, in duas pyramides inter se
aequales diuisa est et in duo prismata aequalia, et
duo prismata maiora sunt dimidio totius pyramidis;
quod erat demonstrandum.

Iv.

Datis duabus pyramidibus sub eadem altitudine et
bases triangulas habentibus si utraque in duas pyra-
mides inter se aequales totique similes et duo pris-
mata aequalia diuiditur, erit ut basis alterius pyra-

20, pecfove] ¢ corr. ex V. 28, édv] -ow postea add. m.
1P. dev B
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loa, 6var og 1 tijg uiig wveauidog fdeis meog
v tijg érépag mvgauldog Bdoiv, ovrmg Ta v
T wig mvgapuld wolopuare ndvra meog va v vf
éréga mvoauld mwolopara navie (6omiydi.

"Ecroday 0vo mveapldss vmd ©6 avrd Ujog Toiyd-
vovg E&ovear faesg vag ABI', AEZ, xogvpag 0%
v H, @ onusia, xal Ouonode Exarége alvodv &g
7 0v0 mugauidag log addjlais xel Opolag vij OAy
xal &lg 0vo molouate i6a* Adyw, ot derlv g ) ABI
Beeig mgog iy AEZ fdew, otrmg ta év vj ABTH
mugauldl molopare mivre xgog ta & v A EZO myga-
pld molopare (GomwAndi).

‘Enmsl pag lon doviv 7 ptv BE vij B, 5 0t A4
vij A, moagaddnlog Goa éovlv § AF ©vjj AB xel
opotov 16 ABI zolyovov v AET voupeve. Oux vex
avta 01 xal 10 AEZ volyovov 1 POZ zouydve
Ouotdy detww. =xal énmel Oimdeciov derlv 4 uiv BI
vijg I'E, 0t EZ vijg Z®, &t dga oog n BI" meog
v ['E, ovrwg 1) EZ meog tw ZD. xal dvayéyoemrar
dno pdv vév BI', I'E Gpowd ve xal dpolwg xelusve
s09vpgaupe e ABI, AET, dnd 8% vév EZ, ZD
ouoid e xal Opolwg xelpeve [e0dVyoapuc) va AEZ,

1, Post 6z add. Theon: xel tdér yevouévww (ysvep. B)
mveopldoy fnatéga Tov (¢ corr. V) adroy todmov, nal todro
del ylvnrae (yiverar q) (BVq). foror — zijg] supra ser. m.
2 B (fotev). 2. évégag] post ¢ del, e m. 1 P.  oftw BV,

8. molopote — 4. mveopldr] mg. m. 2 B. 4. mdvie]
om. V. 8. opolws V. 9. Post loa add. nol zov yevo-
uévav mvoopldov Enetéon TOV adzov rebmov vevoncdw du-
onpévy nod Tovro del ywicdw Bq, V mg. m. 2. 10, fdav]
om. V, otze Bg. 138. BZ q. 14, Zotlv] om.

16. 8uotéy fows v PDZ toiyovew BVq (PP in ras. V).

18. I'’E] corr. ex EI' V. Post 8¢ ras. 1 litt. P, Z o)
corr. ex $Z V., 22. e99¥yeappe] om, P.
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midis ad basim alterius, ita omnia prismata alterius
pyramidis ad omnia prismata numero aequalia’) alte-
rius pyramidis.

Sint duae pyramides sub eadem altitudine trian-
gulas bases habentes 4BI', 4EZ, uertices autem H,

@ puncta, et utraque in duas pyramides inter se aequales
totique similes et duo prismata aequalia diuidatur
[prop. III]). dico, esse ut ABI': AEZ, ita omnia
prismata pyramidis 4 BI'H ad prismata numero
aequalia pyramidis 4EZ®.

Nam quoniam BE = I, A4 = AI" [prop. III],
erit 45 rectae 4 B parallela et 4 BI'~ 45T [p. 152, 9].
eadem de causa erit etiam JEZ ~ P®Z, et quoniam
BI'=2I'%, EZ=2Z®, erit BI': ' =EZ:Z®.
et in BI', I'E constructae sunt figurae rectilineae
similes et similiter positae 4BI', 45T, in EZ, ZD

1) mdvre et loomin®ij addidit Euclides ad finem propo-
sitionis p. 160, 26 respiciens, ubi eam quasi guodam corol-
lario dilatauit.
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P®Z ¥orw dpa dg ©d ABI volyovov medg vo AET
rolyavov, oltwg ©0 AEZ tvglyovov meds 10 PDZ
rolyovov: évaldek &oa fotlv dg 10 ABI telyovoy
noog 10 AEZ [volyovov], ofreg v AET [relyavov]
ngog 10 POZ volywvov. dii’ dg vo AET tolyovoy
nedg ©6 PDZ tolywvov, obrwg 0 meloue, ob fdeig
uév [éoti] 10 AET zolywvov, ansvavriov 0 t6 OMN,
mpdg ©O moloux, ob Pieig udv vo PDZ telpavov,
anevovriov 0t ©0 ET T xal og doa 10 ABI rolyn-
vov medg ©6 AEZ tolyavov, obtwg ©o meldue, o
Bieig utv v0 AET tolyovov, ansvavriov 0t to OMN,
wedg TO moloue, ov Pdaic wiv 16 POZ velyovov,
amevavriov 08 10 ZTT. g 0% ve elonuéva molopate
mpdg &AAnie, oUtwg ©O moloua, ob Pdeig piv 7o
KBEA magelinidygopuov, dmevovriov 0: § OM
svdela, mods ©O molopa, o¥ fdoig wdv vo ITEDP
noaoudinioyoappor, Grevavriov 0t §) ZT eddsia. xal
va dvo oo molepare, oV e fdoig uv vo KBEA
napaiinidyoapuov, dmevevriov 0 5 OM, xel o
paeig piv. vo AET, dmevavriov 6% v6 OMN, molg
ra molopate, 0¥ e Pdeig udv ©0 N EDP, drsvavriov
0 5§ ZT ebdele, xal o0 Pdoig uv v POZ rolyw-
vov, amevavriov 0% ©0 ETY. xel og doe %) ABI
Bdais meog vy AEZ Beev, otrwg va slgnuéve 0vo
molouare mEos Te slonuive 0vo mplouara.

Kol opolmg, éav diugeddaw of OMNH, ZTTO
nvgouldeg &l e 0vo moiduere xal 0vo mveauldes,

1. PO®Z] Pe corr. V, E®Z q. 2. zelywvoy] (prius) om.
V. 4. zelyovoy] (prius) om. P.  zefywvov] (alt.) om. P.
6. otz B. 7. 4oz] om. P.  OMN wolyowvor V. 8. uév

dore V. 11. pév éoze V. 12, tolywvov] supra comp. B.
18, g 04 — p. 162, 14] maotanit Theon; u. app.
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autem similes et similiter positae 4EZ, P®Z. erit
igitur [VI, 22]
ABI': AE = AEZ : PDZ.

itaque permutando 4BI': AEZ = AST: POZ [V, 16].
sed ut 45 : PO®Z, ita prisma, cuius basis est 45T
triangulus, ei autem oppositus O MN, ad prisma, cuius
basis est P@Z triangulus, ei autem oppositus T T
[u. lemma]. quare etiam ut 4BI': 4 EZ, ita prisma,
cuius basis est 45 I triangulus, ei autem oppositus
OMN, ad prisma, cuius basis est PPZ triangulus,
ei autem oppositus ZTT. uerum quam rationem ha-
bent duo prismata, quae diximus, eam habet prisma,
cuius basis est parallelogrammum KBJF 4, ei autem
opposita recta OM, ad prisma, cuius basis est par-
allelogrammum ITE®P, ei autem opposita recta 2 T
[XI, 39; cfr. prop. III]. quare etiam duo prismata,
et cuius basis est parallelogrammum KBJ5 4, ei autem
opposita OM, et cuius basis est 45T, ei autem oppo-
situs OM N, ad duo prismata, et cuius basis est IIEDP,
ei autem opposita Z T recta, et cuius basis est POZ
triangulus, ei autem oppositus X T7, illam habent
rationem [V, 12].}) quare etiam ut 4BI': JEZ, ita
duo prismata, quae diximus, ad duo prismata, quae
diximus.

Et similiter, si pyramides OMNH, XTT® in duo
prismata duasque pyramides diuiduntur, erunt ut

1) Sint prismata p p, P P,. demonstranimus 4BI": 4EZ
=p:p;p:p=P: P =p+ P:p 4 P,. ergo
ABT:dEZ=p + P:p, + P,

14. 0t 7& edrd mg. m. 1 P, qui ad lin. 8 adscr. hab. m. 1:
dg ed9dg doei 18. XB/5 B, sed /£B in ras. e corr. P.
Euclides, edd. Heiberg et Menge. IV. 11
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Zorar g ) OMN Baeig medg Ty ETY Peciv, otrwg
re: dv ] OMNH mvoauld. dvo molouare mwedg ta év
v STTO mveauldr dvo molouera. aAi’ &g § OMN
Bdoig medg Ty ETYT Pdew, olrwg 7 ABI e

5 mpog v AEZ Pacwv: leov pag éxdrsgov vy OMN,
ETY rouydvov éxaréon tédv AED, POZ. xal og
doa 7 ABI fdoig moog vy AEZ fiow, otrag T
réooapa molouare WEog T TIGOaQe molouara. OpOlmg
0% xdv tag vmodaiwoudvag mupauldeg Oiédmpey &g Te

10 0vo mvoauldag xel &lg 0vo mplopara, E6rar g 7
ABTI Pdoig meds iy AEZ ooy, oVrwg 16 év vj]
ABT'H mvgapld. molopare mdvve meds ve v vf
AEZ® mvgauldt molouore mdvra (6omindij oOmsQ
#0er deibar.

15 Afpue.

O 0¢ dotv ddg 10 AET volywvov modg 70 POZ
rolyavov, obrwg To melope, ol Pdais ©o AET voi-
yovov, dmevavriov 0% 10 OMN, mgdg v molouw, oY
Bdaig utv ©6 POZ [rolyovov], dnevavriov 8k vo ZTT,

20 otrw Odaxréov.

‘Enl yag vijs avrijs xaveyoapils vevoredacay dmo
rév H, @ nidevor énl @ ABT, 4EZ énimede, loor
OnAedy Tvyydvovdar dwe O Lootipsly UmoxsiePar Tog
mvgoauldug. xol énel dvo eddston 7 ve HI nod 7 dno

25 o0 H wdderog Omo megailjlov émnédwv vov ABT,
OMN ~égvovrar, &g Tovg adrodg Adyovg Tundijcovra.
‘wol tévunree 7 HI' Olye ©md tob OMN émmédov
nore 0 N* xel 4 dwd tob H doo xddevos éml ©0

15. Afjupe] om. BV, 16. AEI] e corr. m. 2 V.
ZP® P. 17 oftw B.  19. relyovoy om. P.  TET wel
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OMN : ZTY, ita duo prismata pyramidis OMNH
ad duo prismata pyramidis ZT21®. sed OMN: X T
= ABI': AEZ; nam uterque triangulus OMN, ZTT
utrique triangulo 4 5I', P®Z aequalis est. quare etiam
ut 4BI': 4EZ, ita quattuor prismata ad quattuor pris-
mata [V, 12]. et similiter si etiam reliquas pyramides in
duas pyramides duoque prismata diniserimus, erunt ut
ABI': A4EZ, ita omnia prismata pyramidis 4BI'H
ad omnia prismata pyramidis 4 EZ® numero aequalia;
quod erat demonstrandum.

Lemma.

uerum esse, ut 4EI': POZ, ita prisma, cuius
basis sit triangulus 45T, ei autem oppositus OMN,
ad prisma, cuius basis sit P®Z, ei autem oppositus
ZT?, ita demonstrandum est.

In eadem enim figura fingantur perpendiculares a
punctis H, ® ad triangulos 4BI", 4 EZ ductae, quae
scilicet aequales sunt, quia supposuimus, pyramides
aequales altitudines habere. et guoniam duae rectae
HI' et perpendicularis ab H ducta planis parallelis
ABI', OMN secantur, secundum eandem rationem
secabuntur [XI, 17]. et HI" plano OMN in duas
partes aequales secta est in N; quare etiam perpen-

yavoy V. 20, dslfopev ofrwg V. obrw] -¢ del. m. 1 P,
21. of dné BVq. 22. zdv] tijg B. ) @ Ty V.
AdEZ] 4EZ volyove Bq; 4EZ zouydveor V. 28. loovyeis]
-g1- e corr, V. 24. 5] in ras. V.

11%*
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ABT dnimedov Olya tundijcerar vmd tob OMN émi-
wédov. O va avva O xel B amo Tob O xddevog
éml 10 A EZ énimedov dlyo tundijcsron vmd tov ZTT
émmédov. nal slow loaw of amd tov H, @ xddero

b énl vo ABI', AEZ ‘énimeda’ 6ot dgo xal of amod
tov OMN, ZTY toiyovev émxl va ABI', AEZ
nadevor. Loovyy koa [fovl] va melopara, dv Pdess
uév &lov tao AR, POZ rolyove, dmesvavriov 0% 1o
OMN, ZTY. dote xal te Ovsgee mwupuAinieminedo

10 T dm0 THY EloNUEVOY TQLOUETOY AvepQepouEve
Leovp] ol mwEog &AAnAd [elow] g of Pdoeg’ xal v
nuloy koo éovlv &g % AEI Bdeg meos iy PDZ
Biew, olrwg va elonuéve molopeara medg &AAnie’
Omeco #0eu Osibou.

I4

15 E.

Al dmd vd edrd VYog ovoar mvoauldsg xel
roiydvovg ¥poveer faceig meos addijdag slaly
dg ol Bacses.

"Edrwdav U ©0 avrd Uyog mvpauidss, dv Pues

20 udv ve ABI, AEZ tolyove, xogupal 0t va H, @
onuste: Aéyw, 8w forlv &g v ABI Pdeig meds vy
AEZ Bdow, otrwg 7 ABI'H mvgapls meds tav
AEZ® mvgeulda.

El pig wif éovv g 5 ABI Pdeig meds vy AEZ

25 Paow, obrwg 1§ ABI'H mvgapls medg tijv 4 EZO
mvpauide, éozar &g 9 ABI Biog meos iy AEZ
Béow, oltwg 1§ ABI'H mvoauls #vor mgdg Ehasaoy

1. énlmedov ayopévny V. 8. 2ntmsdov dyopévy V.
5. doo elof V. «f] om. Pq. 7. xofszor] in ras. V, seq.

ras. dimid. lin, ({6as . ... dnd zidv opw).  forl] om. P.
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dicularis ab H ad planum 4BI' ducta plano OMN
in duas partes aequales secabitur. eadem de causa
etiam perpendicularis a ® ad planum A4EZ ducta in
duas partes aequales secabitur plano T et perpen-
diculares ab H, ® ad plana ABI', 4EZ ductae
aequales sunt. itaque etiam perpendiculares a trian-
gulis OMN, ZTY ad ABI', 4EZ ductae aequales
sunt. quare prismata, quornm bases sunt trianguli
AET, P®Z, iis autem oppositi OMN, ZTT, aequales
altitudines habent. itaque solida parallelepipeda a
prismatis, quae diximus, constructa eandem habent alti-
tudinem et eam inter se rationem habent quam bases
[XI, 32]. itaque etiam prismata, quae diximus, ut
quae dimidia sint parallelepipedorum [XI, 28], eam
rationem habent, quam AEI": P@Z; quod erat de-
monstrandum.?)
V.

Pyramides sub eadem altitudine et bases triangu-
las habentes eam inter se rationem habent quam bases.

Sint pyramides sub eadem altitudine, quarum bases
sint trianguli 4BI', 4EZ, uertices autem H, @
puncta. dico esse

ABI': AEZ = ABI'H: AEZG.

Nam si non est 4BI': JEZ = ABI'H: AEZ0,
erit ut 4BI': 4EZ, ita pyramis 4BI'H aut ad so-

1) Hoe quoque lemma et per se et propter orafionis genus
suspectum est.

Bdoig Bq, sed corr. 11. xe/] (prius) rvyyavovta Theon (BVq).
elowv] om.P.  12. dotlv] Eore BVq.  13. ofitw Bq. 17. al-

Anie P, corr. m. 2. 24. 4EZ—25.77v] mg. m. 2 B. 25. 4JEZO

nvgaplde] et in textu et mg. m.2 B.” 27. froe] 7 V.
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w vijg JEZ® mvgauldog Grepeov 1 meodg ueitov.
éotm modregov moog Flaceov o X, xal digredw 7
AEZ® mvgopls &lg te 0vo mveauideg ldag dlitjdeig
xal Opoleg vfj Ay xel &l Vo molouave iGa" o 07
0vo molopara ueltovd dotiv 1 ©d duiev Tig “Siyg
mvgapidog. xel melw of & tijg durieéGemg prvdusvar
mvgauidsg opolwg Jinoredweay, xel tovto del puvé-
690, fwg ov Aapddal Tves mugauldsg dnd viig AEZO
mvgauldog, af slow éAdrrovss tijg Vmegoyig, 1 Vmweo-
ée n AEZ® mvpaple tov X 6regeov. Ashslpdweey
xol ¥otwoay Adyov Evexev of AIIPE, ZTTO lowe
doa Tt év vfj AEZO mvgauld. molouave uelfovd dote
100 X dregeod. O0moiiode nel § ABIH mveauls
ouolmg xal lGominddg 1 AEZ® mvoauids E6rvv dea
og 1 ABI Bdowg moedg wjy AEZ Pdow, ovrwg o
év ) ABI'H mvgauid. mgleuare noog va év vy} AEZO
mvpauldr mwolopara. dide xol &g 7 ABI Bdeig moog
iy AEZ faoww, ovrog § ABLH mvpauls meodg to
X orepedvt xal g doe ) ABI'H mvgauls moog vd X
otspedy, otnwg e v tf] ABI'H mvgeuld. molopare
wpdg vo &v vff AEZO mvgauid. molouare: veiiof
dga wg 1 ABI'H mvgapis moog ta év avry melouara,
ottwg 10 X ovegeov mog v év tff AEZO mvgould
nolouora. wellov 0% 4 ABI'H mvgauls tov v adry
moiudrov: ueifov oo xal 1o X orseedv vdv v T
AEZ® mvgouids moiudrtov. drie xel Sarrov: Gmep

6. yevipsvar q. 7. piyvécdeo BV, 8. lapddar] -et-
corr. ex  V, mut. in y m, 1 Bq; Assp@@oww PB, ané — 9. mv-
eapldos] mg. m. 2 BV, om. q. 9. éidooovs BVq. 10, s-
Aelpdwoav] -gi- corr. ex 5 V, mut. in 7 q. 11. ETT® B,

corr. m. 2. 12. éomv P. 17. %] post ins. V, 19. nal
g — 20. orepedv] om. q; suo loco m. 1, sed alio atramento
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lidum minus pyramide 4EZ® aut ad maius. sit priug
ad minus X, et pyramis #/EZ® in duas pyramides
inter se aequales totique similes et duo prismata
aequalia diuidatur. itaque duo prismata maiora sunt
quam dimidia totius pyramidis [prop. III]. et rursus
pyramides ex diuisione ortae similiter diuidantur, et
hoc semper fiat, donec e pyramide 4 EZ® relinquantur.
pyramides quaedam minores excessu, quo pyramis
AEZ® excedit spatium X [X, 1]. relinquantur et
sint uerbi causa JIIPX, ZTTTO. reliqua igitur pris-
mata pyramidis 4 EZ® maiora sunt spatio X. iam
etiam pyramis 4BI'H similiter et toties diuidatur,

" quoties 4EZ® py-
ramis. erunt igitur
ut 4BI':4EZ, ita
prismata pyramidis
ABI'H ad prismata
pyramidis AJEZ®
[prop. IV]. wuerum
ABIA4EZ=ABI'H
:X. quare etiam ut
ABI'H:X, ita pris-
mata pyramidis
ABI'H ad prismata
pyramidis AJEZ®,
permutando igitur [V, 16] ut pyramis 4 BI'H ad sua
prismata, ita X solidum ad prismata pyramidis #EZ®.
sed pyramis 4 BI'H maior est prismatis. itaque etiam
X solidum maius est prismatis pyramidis #EZ@ [V, 14],

B 19. &oe 7] corr. ex 7 &eo m, 1 V, doa dg 7 P.
23. otrew B.
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éorly ddvarov. ovx dpa éetiv dg ) ABI Pdeig meos
v AEZ fdow, obrwg ) ABI'H mvoauls mwgds élac-
60y 1 vijg AEZ® mvgauidog 6rsgedv. duolmg 01 deuy-
djecron, Gt o0t wg ) AEZ fdeig moog wy ABI

5 foow, ottwg § AEZ@ mvgauls weds Eartov T Tis
ABI'H mvgauldog 6regedv.

Aéyw 81, Om ovx éoriv o000t &g 7 ABI' Pdoig
nos v AEZ fdew, ovrwg § ABI'H mvgauls meos
petlov n g AEZO mvgauidog ersgeov.

10 El pag dvvardy, Sovw meog ueifoy 16 X° dvamaiw
doa dovlv dg § AEZ Pdaig medg vy ABI" Bdow,
ottwg v0 X oreedv moog vy ABI'H mvgauide. g
0% ©0 X ovegeov mpds vy ABI'H mvgeuide, ovrog
7 AEZ® mvoapls mgos éa6ady T viig A BI'H muga-

15 uldog, ag Eumgoadsv 80slydn: xol g doa § AEZ
Bdaig meog v ABI Bdew, olrag 7 4EZO mvgauls
woog élacedv v vijg ABI'H mvgauldog' Omeg &vomov
&0elydn. ovx oo fotlv @g 1) ABI” Pdoig moodg tov
AEZ fdow, otrog 7 ABI'H nvgapls mgog ueifdv v

20 tiig AEZO mvgauidog orepedv. delydn 04, Gve 0vod
noog EAagoov. Eenwv dpa dg 7 ABI Bdeig meog Ty
AEZ Bdew, otrwg 1) ABI'H mvgauls meds Tt
AEZ® mvgaplde omep &0ss dstfou.

’

s.
26 AL 9o 1o avrd Dyog ovoar mvgauideg xal
molvydvovs yovear fdcsig mpdg dAAfjiag elaly
og ol Boosg.

2. &flarroy V, 3. 4E20] @ exas. P; JEZHO q.
detkopey V. B, fleccov B.  11. 7 fdag ) AEZ Vq.
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uerum etiam minus est; quod fieri non potest. ergo
non est ut 4BI': 4EZ, ita pyramis 4 B'H ad mi-
nus aliquod pyramide 4 EZ@ solidum. similiter de-

monstrabimus, ne 4EZ® quidem

pyramidem ad minus aliquod pyra-
mide 4BI'H solidum eam rationem
habere quam JEZ: 4BI.

Jam dico, ne ad maius quidem aliquod pyramide
AEZ® solidum pyramidem 4BI'H eam rationem ha-
bere quam ABI': AEZ.

Nam si fieri potest, habeat ad maius aliquod X.
e contrario igitur [V, 7 coroll.]

AEZ: ABI'= X: ABI'H.
uerum ut X: 4BI'H, ita 4EZ® pyramis ad minus
aliquid pyramide 4BI'H, ut supra demonstratum est
[prop. Il lemma]. quare etiam ut 4EZ: 4BT, ita
pyramis 4EZ® ad minus aliquid pyramide 4BI’H;
quod absurdum esse demonstrauimus. itaque ne ad
majus quidem aliquod pyramide 4EZ® solidum py-
ramis 4 BI'H eam rationem habet quam 4BI': 4EZ.
demonstranimus autem, eam ne ad minus quidem
hanc habere rationem. erit igitur
ABI': AEZ = ABI'H: AEZ®;
quod erat demonstrandum.

VI

Pyramides sub eadem altitudine et polygonas bases
habentes eam inter se rationem habent quam bases.

17. mvoapidog ctsesov q; otseeéy add. m. 2 V. 21. ﬁgimg]
supra scr. m. 1 P, - 25, mvoouldss odoar B, ovoat

om, V.
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"Ecrodar vmd 1o avtd Upog mugeuides, dv [af] fd-
oag utv 1@ ABI'dE, ZHOK A molvyove, xogupal
0t va M, N onueia* Ay, 8vu éotly dg 5§ ABIT'AE
Bdoig meds iy ZHOK A B, otrwg § ABTAEM
nvpauls meog iy ZHOK AN mugauldo.

‘Enstevydwoav yao of AT, A4, Z®, ZK. éms’
oty 0o mugauideg elolv af ABI'M, AT'AdM toupc-
vovg &yoveer Pacsg xel Upog leov, medg aAliles
slolv og af Pdocg dovy doa og ) ABI Pdoig meds
my A4 Pdew, oltwg 7 4 BI'M mvoauls meds vy
ALAM mvgaplde. xoal cvvdévre dg ) ABIA Pdaig
neds v AI'Ad Pacv, otrwg y ABILAM mvgapls
ngog iy AIL'AM mvgoeulde. dila xal dg 5§ A4
pieg meog v AAE Pdew, ovrwg v ATdM mvea-
uls moog Ty AAEM mvgouide. 00 leov koo og 1
ABI'd Bdaig mgog vy AAE Bew, ovtwg y ABTAM .
nvgauls weog Ty AAEM mvpopide. xal cvvdévr
ndlw, &g § ABI'AE Bdoig meog tiy AAE fdew,
ovrwg ) ABI'AdEM mvgaule medg vy A4 EM mvge-
ulde. Opolwg 07 Odsydreerar, Gvi xal og § ZHOKA
Bdoig meog iy ZHO Bdowv, ovrwg xal § ZHOKAN
mvpapuls medg iy ZHON mvgaplde. xol émel dvo
nvoauldeg elolv of AAEM, ZHO N toiyavovs éyovear

1. of] deleo.  dv — 2. xogupal] wolvydvovg Eyoveas Blosis
teg ABT'AE, ZHO K A, noovges Theon (BVq). 6. énefevyd.
— 10, pdov] diperiodw yae % utv ABI'AE fdeis elg e ABT,
A'd, AE A4 tolyove, 71 08 ZHOK A (N eras. V) &ls v ZHO,
20K, ZKA volyove, el vevoredwsey dq’ fxdorov ToLydvoy
nvgapldes foovyeis (-etg corT. ex -or m, rec. V) rais €€ deyis
nmveaploy (mvooplow B) nal énel dotiv dg 1o ABI tolyovoy moog
10 AI'd telywvory Theon (BV q). 11. cvvdévre dox og V.

7 — 12. faoiv] mg. ye. toanifiov et yo. Tolyovoy m. 1 P;
20 ABI'A rgaméfiov meds ©6 AI'd telywvov Theon (BVq).
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Sint sub eadem altitudine pyramides, quarum bases
sint 4 BT 4E, ZHO K A4 polygona, uertices autem M,
N puncta. dico, esse

ABI'dE:ZHO®OK A = ABI'4dEM: ZH®@KAN.

. ducantur enim AT, 44,76, ZK. iam quoniam duae
pyramides sunt 4BI'M, AI'4 M triangulas bases ha-
bentes et altitudinem aequalem, eam inter se rationem
habent quam hases [prop. V]. erit igituar 4BI"': AT 4
= ABI'M: ATA4M. et componendo [V, 18] 4BI'4
:ATd = ABT'AM: AT'AM. uerum etiam [prop. V]
A4 : AAE = ATAM: A4EM. itaque ex aequo
[V,22] 4BI'd: AAE = ABTAM: AJEM. et rur-
sus componendo [V, 18] ABI'dE: AAE=A4ABI'4EM
: A4 EM. similiter demonstrabimus, esse etiam

ZHOKA:ZHO = ZHOKAN: ZHON.

s y
V] B éé ‘w’
A
r 7z

et quoniam duae pyramides sunt 4JEM, ZHON
triangulas bases habentes et altitudinem aequalem,

18. AT4M] supra 4 ser. Em. 2 B. 5 — 14, fdow] ©6 AT
zolyawvoy mgdg ©0 A JE tolywvoy Theon (BVq).  15. oo dotly
Theon (BVgq). 17. AdEM] M supra scr, m. rec. P,

18. fdow] om. Bq. 19.ABI'dEadd. M m, 2 V. 20, 6polog
— &71] Otd Ta avte & Theon (BVq). 21. ZHO] P; ZK4
Theon (Bq et 4 e corr. m. 1 V). 22, ZKAN Theon (Bq et
*N in ras. V). 28. ZKAN Theon (BVq).
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Beosig nal vyog leov, Eoriv dga wg ) AJE Pdog
ngog Ty ZHO Pdewv, ottwg 1 A4 EM mvgapls meds
iy ZHON nvoaulda. &il’ og v AAE Boeig wodg
v ABTAE fdew, otrag fv 7 AAEM mvgopls
5 mgdg iy ABI'4EM mvgaulde. xal 0 icov &g dg
7 ABT'AE Bdeig meds iy ZHO fdaw, otrwg 7
ABI'4EM nvgapls medg iy ZHO N mvgauide. ALk
pny 2ol og 1 ZHO Bdeig meog vy ZHOK A faewy,
ovrwg v xel ) ZHON mvgapls nedg vy ZHOKAN
10 mugauide. xal 00 lgov doo &g 7 ABI'AE Pdog
7obdg vy ZHOK A Bdow, ottwg ) A BI'A EM nmvgeyls
w0 v ZHOK AN mvgouldo: 8mse &0st dsitas.

¢.

IIdv molépe toiyovov &Eyov Paciv diai-

15 gslrae &lg voelg mvgapidag leag aldfjiaig Tot-
yovovs Bhasig §povoag.

"Eero moicue, ob fdaig ptv vo A BI rolyavoy,
dmevevriov 0% ©6 JEZ' Aépw, 6w 10 ABIAEZ
noloue Ouwgeitor &lg Tosls mvgauidag long aidnhog

20 ToLyevovg éyoveng Padets.

‘Enctevydwoov yap of B4, EI, I'd. énsl magel-
AnAdygapudy dove ©0 ABEA, diduergog 0% avrov
doniv 1 Bd, leov doa el 10 ABA velyovov o
EBA touycve: xal f mvgeuls dou, ng fdcig pdv 0

25 ABA tolywvov, xogvey 0 ©6 I' enusiov, lon Zol
mvgouldt, ng Pdoig uéy éot vo 4EB TolywvoY, x0QUe
0t ©0 I' onusiov. dAde 7 mugauls, ng Pdois udv éave

1. nal Gpog ivov] nal dmo ©6 wdzd Hpos Theon (BVq).'

2. ZK 4 Theon (B’Vq), ut lin. 6, 8. 8. ZKAN Theon (BVq),
ut lin. 7, 9. dll’ @¢ — 5. mveaplda] émsi ovv fomy (om.
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erit [prop. V1 A4E: ZHO® = A4EM: ZH®N. uerum
AAE: ABTAE — AAEM : ABT'AEM. quare etiam
exaequo [V,22) ABT4E:ZHG®=ABT4EM:ZHG®N.
uerum etiam ZHO:ZHOKA—=ZHON: ZHOKAN.
quare etiam ex aequo [V, 22] 4BIrdE:ZH®K 4
=ABI'A4EM:ZHG®K 4ANj; quod erat demonstrandum.

VIL

Omne prisma triangulam basim habens in fres
pyramides inter se aequales diuiditur triangulas bases
habentes.

Sit prisma, cuius basis sit 4 B I" triangulus, ei autem
oppositus 4EZ. dico, prisma 4BI'41EZ in tres py-
ramides inter se aequales diuidi triangulas bases ha-
bentes.

ducantur enim B4, EI, I'd. quoniam parallelo-
grammum est 4BEA, diametrus autem eius B,
erit AB4 = EBd4 [1, 34]. quare etiam pyramis,
cuius basis est triangulus 4B4, uvertex autem I'
punctum, aequalis est pyramidi, cuius basis est trian-
gulus 4 EB, uertex autem I" punctum [prop. V]. uerum

VII. Hero stereom. II, 39.

Bq) d¢ 7 ABI'4E Pdag neog iy AJE Pacw, obtws § (v 4
q) ABI'AEM mvqopls ugog Y A4 EM mvgaulde Theon (BVq),
dein add. &g 0t % A4E Bdeig mods Ty ZKA Pdov, obrwg 7
A4EM mvoopls meos v ZKAN m:gamb‘a Vq et mg. m. 2 B.
5. ne{] om. Theon (BVq). 6. fdoiw] om. BV g,
ovrwg] om. q. 8. ZHOKA] K4 add. Bm. 2. 9. 7v] om.
V. 1o. uga] wadw dottv By; doa boriv V. 12. ZHOKAM
q. 17. Bdozig q. 20. dasig égoveag V. 21, nal émel
Bg. 24, EAB B.  uév] om. V, 25. dozlv PB, éo1l ‘tﬂ
V. 26, dotv B. 27, alle¢ — p. 174, 1. anueiov] om.
27. ¢’ B. #]om. V.
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©0 4EB tolyavov, xoeupr 0t to I' enusiov, i adu]
dovt mvgaulds, ng Pdoig wév éers vd EBT tolywvoy,
roguen) 0% ©0 A enuelov: vmé yoo tdv avrdy émi-
nédov meguéyerar. xol mvgauls dee, Ng fadig uév
dove 10 ABA volywvov, xoguepy 0% o I' enusiov,
loy éovl mveeuldi, ng Piais udv deve vo EBI rolye-
vov, xoguey 0 ©0 A enueiov. malw, émel moguiin-
Adygauudv gove ©0 ZI'BE, didusrgog 0¢ éomiv avrod
7 T'E, loov éotl ©0 'EZ voiywvov © I'BE toi-
yove. xal mveauls Koo, 7 Pdeig wév éoru ©o BI'E
rolywvov, xogupy 0% v0 A enusiov, lon el mvgw-
uide, ng Pdaig pév devv 16 EI'Z wolyovov, xoguey
0% ©0 4 onusiov. 1 0 mvgapls, ng Pdaig pdv éome
10 BI'E zolywvov, xoovpy 0% ©o A oqusiov, lan
20slydn mugaulds, fg Pdoig uév oty v6 ABA volya-
vov, xoguey 0% o I’ onusiov' xel mveauls dow, Ns
Baeig pév dove v0 I'EZ volywvov, xoguepy 0% 10 A
onueiov, loy fovl mvgaulde, fg Piaig pév [éen] o
ABA tolyovov, xoguvey 0 10 I' enusiov: dujenros
doa ©60 ABTAEZ molopw el vosis mvgouidag ioeg
aAdfAeus ToLy@vovg époveag Baess.

Kol énel mogapls, 1g Paois péy dove v ABA Tgl-
yovov, xoguer 0% v0 I' enusiov, 7 el dovi mvpo-
ulde, fg Pdeig 16 I'dB rolywvov, xoguey 0% ©6 A
enusiov’ vmd yho THY avtdy dmwddov megiéyovrar’
% 0% mvgauls, Mg Pdog 70 ABA tolyovov, xoguey

9. foni] (prius) detv PB; Zor j V. 4. #al] om. q;
ol 9 V. 6. dotl] doztv PB; dori o V. 8. domv] om.
BVq.  adrod doviv Bq. 9. ErV. 12. ErZ} I'Z in
ras. V. 14. BET' V. 4] in ras. m. 2 B. 18. éarvf]
om. P. 21, Pdostg dyovomus, eras. ¢, V., 23. dome 7jj V.
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pyramis, cuius basis est 4 EB triangulus, uertex autem
I’ punctum, eadem est ac pyramis, cuius basis est EBI"
triangulus, uertex antem o punctum; nam iisdem pla-
nis continentur, quare etiam pyramis, cuius basis est
z A B 4 triangulus, uertex autem
I" punctum, aequalis est py-
E d ramidi, cuius basis est EBI’
triangulus, uertex autem <
punctum. rursus quoniam par-
allelogrammum est ZI'BE, et
r diametrus eius est I'E, erit
I'EZ =TIBE [I, 34]. quare
B 4 etiam pyramis, cuins basis est
BTI'E triangulus, uertex autem 4 punctum, aequalis est
pyramidi, cuius basis est E I'Z triangulus, uertex autem
4 punctum. demonstrauimus autem, pyramidem, cuius
bagis sit BI'E triangulus, uertex autem 4 punctum,
aequalem esse pyramidi, cuius basis sit 4B trian-
gulus, uertex autem I” punctum. quare etiam pyramis,
cuius basis est 'EZ triangulus, uertex autem
punctum, aequalis est pyramidi, cuius basis est 4 B4
triangulus, uertex autem I" punctum. ergo prisma
ABI'4EZ in tres pyramides aequales diuisum est
triangulas bases habentes.
et quoniam pyramis, cuius basis est 4 B4 triangulus,
uertex autem I’ punctum, eadem est ac pyramis, cuius
basis est I'4 B triangulus, uertex autem 4 punctum
(nam iisdem planis continentur), pyramidem autem,

24, 76 gprius) uiv 76 q; péy éore 6 V. T'4B]ecorr. V.
26. ©6] o7l w6 V.
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0% 7o I’ enuelov, volroy 0elydy vod molopazog, ov
Bdeig 16 ABI woiywvov, dmevavtiov 0% ©0 AEZ,
nal ) mugeuls &ga, Ng Bdaig v0 ABT zolyavov, xo-
ovpy 0% ©0 A enueiov, toltov Zotl ToU mplepwtog
rov &ovrog Pdew iy avryv 16 ABI tolyevov,
dnevevriov 0t 10 AEZ.

IIégiope.

’Ex 07 tovtov pavegdv, O miee mvgauls telrov
uégog éavl Tod molduarog Tov Ty avryy Paaw éyovrog
avrf] xel pog lov [émsidimee xdv Sregdv T oyfjua
eOdUygappov &y 1 Pdoig Tod melouerog, TolovTo Kl
70 amevavriov, xol Owugeirar &l molouara Tolyove
#ovre vag Pooag xel v dmevevtiov, xal @g % 0An
Bdaig medg Exaorov]® Omep E0s deifau.

7'

Al Sporer wvoapuidsg nal Toiydvovg égovoar
Baeeig év toimAaciovy Aéyw &l6l védv 6uoio-
yov misvoav.

"Eotocay Ouotar xel Ouolwg xelpever mvoopuldss,
ov Pdeag pév siew vo ABT, AEZ tolyova, xogupal
0t ta H, @ onusie' Aéyw, 6ve § ABI'H mvpapls
noog iy AEZ® mvgoulde voumdeclove Adyov E&pe
fimeg 7 BI modg viw EZ.

1. Baog éori o V. 3. ﬁij om. V. 5. t09 — admiy] ov
oo V. 11, % — molopavos] fdey ©6 melope q.  To10vTO]
om. BVq. 12. 76] 76 av16 Bq et corr. ex adro zd ,
wef] om. BVq.  rotydvovg, -ovg e corr. m. 2 V. 13. 1og]
om. q. x| om. q. &) Tdg q. nol g — 14. deifo]
om. Theon (BVgq). 17. elely B. 20. fdoig B, corr. m. 2.
xogvey B, corr. m. 1. 21, €] 8% adrav Fotew V.
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cuius basis est 4 B4 triangulus, uertex autem I"punctum,
tertiam partem esse demonstrauimus prismatis, cuius
basis sit 4BI" triangulus, ei autem oppositus JEZ,
etiam pyramis, cuius basis est 4BI" triangulus, uertex
autem 4 punctum, tertia pars est prismatis eandem
basim habentis triangulum A4BI', ei autem opposi-
tum AJEZ.

Corollarium.

Hinc manifestom est, omnem pyramidem tertiam
partem esse prismatis, quod eandem basim habeat et

altitudinem aequalem.!) — quod erat demonstrandum,
VIIL
Similes pyramides triangulas bases habentes tri-
= 0 plicatam inter se ratio-
K 4 & 4 | nem habent quam latera
A ! correspondentia.
Sint pyramides simi-
) P les et similiter positae,
B x 7 quarum bases sint 4B,

AEZ trianguli, uertices autem H, @ puncta. dico, esse
ABI'H:4EZ®=BI®: EZ°

1) Quae sequuntur uerba lin. 10—14 sine dubio subditiua
sunt. scripturam codicis P in fine lacunam habere, recte signi-
ficauit August; nam uerba xel og 7 Odny Pdois meds Exeovov
principium est amplioris demonstrationis. cetera in P satis
emendate leguntur, cum in codd. Theoninis omni sensu ca-
reant. sed etiamsi sana essent omnia, haec uerba tamen su-
specta essent, quia, ut saepius monui, demonstrationem corol-
larii adferre nihil adtinet.

Euclides, edd. Heiberg et Menge. IV. 12
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Svumeninowode yeo vo@ BHMA, E®IIO 6regea
nogedinienimede. xol émsl Ouole dovlv § ABI'H
nvoapls vy AEZO® mvgouids, loy dea éotiv 5 uiv
vnd ABT yovie of) vwd 4 EZ yovie, 5 0% vwd HBI
vfj oo @EZ, 1 0 om0 ABH tv§j om0 AE®, xal
dotwv dg 1) AB medg vy AE, otrwg 9 BI' meds tiv
EZ, el 7§ BH mgog v E®. wxal émel éoviv o5 1
AB ngog vy JE, ovrewg 7 BI mgdg v EZ, xol
mepl l6ag yowleg of misveal dvaloyév elew, Guorov
doo éovi v0 BM megadinidygapupov v¢ EIT meged-
Inloygduue. O te avrta O xal 0 wiv BN 6
EP Gduowdv Zete, 70 08 BK vj EE' va voln &oo e
MB, BK, BN zgwl voig EIl, EE, EP duowd éetwv.
aAde To ptv tole v MB, BK, BN tguel voig amevay-
rlov 6o & xal Spoid éeviv, te 0% vole ve EII, EfE,
EP zoi6l roig dmevavriov l6a v& xel duowd foviv. Ter
BHMA, EGIIO é&ga etspea Vmd opoloy Emimédov
l6ov 16 TAdog wegiéyeTon. Guotov dow éovi vo BHMA
ors0edy v EOITQ 6reged. ve 0% Suoiw oTeged mao-
adinieninsda dv voimdaciove A6ye éori Ty Guoldyoy
nAsvpdv. ©0 BHMA é&ga oregedv mpdg v0 E@IIO
67s0e0v  TQUmAadlove Adyov &ye fimep 1 OubAoyog
whsvoe 9 BI' meds v -6udloyov mievgav v EZ.
og 0% 160 BHMA 6rspeov mods 10 EGIIO 6160807,
otrwg 1) ABI'H nmvoapls meds vy A EZO mvgaulde,
énsidnimeg 1 mvoauls Exvov udgog fovl ToD 6rTEQEOT
St ©o xal 10 molope fuiev Ov Tov Gregeol meQold-
Andemimédov tumdeiov slvar Tig mveauldog. xal 7

2. %] bis P, corr. m. 1. 5, ®EZ} e corr, V. _ 9. lonv
q. 10. nagalinidyoappor] (prius) om. V.  13. doze V.



ELEMENTORUM LIBER XII. 179

Expleantur enim solida parallelepipeda BHM A4,
E®IIO. et quoniam similis est 4 BI'H pyramis py-
ramidi JEZ®, erit | AB=AEZ, | HB'=G®EZ,
LABH = 4E®, et est AB: 4E= BI': EZ—=BH
: E@ [XI def. 9]. et quoniam est 4B: JE=BI":EZ,
et latera angulos aequales comprehendentia proportio-
nalia sunt, erit BM~ EII [p. 83 not. 1]. eadem
de causa erit etiam BN~ EP, BK~ EJ. itaque
tria MB, BK, BN tribus EII, EX, EP similia sunt.
uverum tria MB, BK, BN tribus oppositis aequalia
sunt et similia, tria autem EII, EE, EP tribus oppo-
sitis aequalia sunt et similia [XI, 24]. itaque solida
BHMA, E®IIO planis similibus numero aequalibus
continentur. ergo BHM A~ E® ITO[XI def. 9]. similia
autem solida parallelepipeda triplicatam rationem ha-
bent quam latera correspondentia [XI, 33]. itaque
BHMA:E®IIO = BI®: EZ3 sed BHMA:E®IIO
= ABI'H: A4EZ®, quoniam pyramis sexta pars est
solidi, propterea quod prisma, quod dimidium est so-

15. low te #e{] om. V. Zome q, comp. V. 7] (alt.) om. B,
16. zo16! — fomv] ioe v nal duore teuol T0is amevovriov dotl
BVq. 16. Zo71 P. 17. orepea mopallnlosmineda V.,

19. ozegedr] om. V.  20. doziv B.  22. 7ov roumiaciove q.

26. furov] ¢ q.  27. magailylosmim. V.

12*
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ABTH &ga mvgapls meds v 4 EZ® mvgaulde toi-
mhaeiove Abyov &ye qimep  BI modg vy EZ* 8msg
80c dsifou.

IIégiope.

‘Ex 07) vovrov gavegov, Ont xal af molvywvous
Epovear Pucsig Ouowwe mveauldes meog dlddjheg év
roudaciove Adye &lol Tdv OouoAdywv misvodv. Oie-
pedaoay yag avrdv &l tag v avraly mveauides
touy@vovg fdcelg fpoveas té xel v Suore moAvymve
16y Poceav &g Guote Tolywve Owgeledar nal low
t whijder nal dudloye voig Blowg éovan g [7] év T
érdoa ule mwvgapls tolywvov &povea Pdeww meds THY
év ] védpe ulav mvoaulde Tolyavov &govenv ooy,
ofrwg xal Emeoer af v 15 évéoq mveauide mvgauides
Touyasvovg Eyovear Baesig wedg tag év vy frépe mvoa-
ulde mvpauldag toiydvovs Pades povdas, TovréaTiv
avry 1 molvypwvov fdew Ejovex mvgauls medg TRV
noAvyevov Boew époveay mvgaulde. 1 0% velyevov
By égoven mugauls meog TV Tely@vov fdaww Eoveay
év zoumhaeiovt Adyw éerl tdv dpoldywy misvedv: xei
% moAywvov doa Pdew égoven mog Ty duolav B
ovear rtoumdaciova Adyov e fimse 17 mheves mwelg
v wlevgaw.

&

Tov 6wy nvgapldwv xal Toitydvovg fdeseig

éyovedv avrimendvdaciv al fiesigTols DYsoLy:

2. 6msg] punctis del. V. 8. #0er Osifen] om. V.,
4, mogope] om. . 70Q. — 23. whsvoev] mg. m. 1 P.
5. «f] om. q. 7. elotv PB. 8. 4] om, V. evrds V,
adroig q. 10. xet] nal el V, i1. %] om. P.
12. rouydvovs et fdsscs V, corr, m, 1. 13, play mvoaplde]
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lidi parallelepipedi [XI, 28], triplo maius est pyra-
mide [prop. VII]. ergo etiam 4BI'H: AEZ®=BI*:EZ3;
quod erat demonstrandum.

Corollarium.

Hinc manifestum est, etiam pyramides similes, quae
polygonas bases habeant, triplicatam rationem habere
quam latera correspondentia. nam si eas in pyramides
triangulas bases habentes diuniserimus, eo quod etiam
similia polygona basium in similes triangulos numero
aequales et totis correspondentes diuiduntur [VI, 20],
erunt, ut in altera una pyramis triangulam habens
basim ad unam pyramidem alterius triangulam basim
habentem, ita omnes pyramides alterius pyramidis
triangulas bases habentes ad omnes pyramides alterius
pyramidis triangulas bases habentes [V, 12], h. e. ipsa
pyramis polygonam basim habens ad pyramidem poly-
gonam basim habentem. pyramis autem friangulam
basim habens ad pyramidem triangulam basim haben-
tem triplicatam rationem habet quam latera corre-
spondentia [prop. VIII]. ergo etiam ea, quae poly-
gonam habet basim ad eam, quae similem basim habet,
triplicatam habet rationem quam latus ad latus.

IX.

Pyramidum aequalium et triangulas bases haben-
tium bases in contraria ratione sunt atque altitudines;

VIIL coroll. Psellus p. 35.

mvoaplds (1 e corr,) play V. vﬂ&aw fyoveay BV.  14. 4]
énl q. 15. fdoes Eyovom 20. é67/] om. q.
22, rgumldotoy V. 26. vypeor PVq.
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xal Ov wvgauldov roiydvovs Bddsig éyovady
cvrimendvdaciy af Bdaeeig rolg Uys6iy, loar
elaly éxcival.

"Eerwday pag 6o mveauldss touydvovs Pdoeis
&yovoar tag ABI, AEZ, xogupeg 0t va H, @ oy-
peie Adyw, 8vi tdv ABT'H, AEZ® nvgopldov avve-
nendvdacy of Pdacig volg Upeoww, xal oy og 1
ABI Bdeig meog v AEZ Pdowv, olzwg ©o Tijs
AEZ® mvgauidog Upos meos to vijg ABI'H mvga-
pidog Tog.

ZSvumeninencdw yep v BHMA, EOIIO cregen
naguddnieninede. xel émel loy dorlv 4y ABI'H mv-
oouls tj AEZ® mvoouldr, nel v tig utv ABI'H.
nmvpauldog Efamideiov v0 BHMA eregedv, tiig 0%
AEZ® nvgauldog éfamidoiov 10 EGIIO o6reedv,
loov &oo govl 10 BHMA ovspeov 766 E@IIO oreges.
v 0% lowv oregedy mogarlniemimédov dvrimsmov-
Dacw af fdeeag toly Tpeew fovww Hoa g § BM
Beos meos iy EII fdew, obrwg 10 tov EGIIO
otege0v TUyog mpdg ©0 tob BHMA 6rsgeot Tyog.
all’ dg 7 BM Pdeig meos v EII, oltwg T0
ABT zolyovov moog 10 AEZ tolyovov. xel g
dpa 160 ABI wolyevov meds ©v6 AEZ rolywvov, ov-
twg 70 oy E@I1O erspeot Upog mpdg ©0 Tob BHMA
61egs0t Uog. ddda t0 pdv rov EGIIO 6regeot
Tpog ©0 avrd dove i vig AEZ@ mvgauldos Tie,

- 70 0t vov BHMA 6vepeot Upog t0 avro éott @

vijs ABI'H mvgpauldog Upe* domv dga wg 7 ABI

2. loar &loiv] mg. m. 1 postea add. P; i6e (corr. m. rec.)
dotiv V. 8. dueive V, corr. m, rec. 4. o] om. q.
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et quarum pyramidum triangulas bases habentium
~ bases in contraria ratione sunt atque altitudines, eae
aequales sunt.

Sint enim aequales pyramides bases triangulas ha-
bentes 4ABI', J4EZ, uertices autem H, & puncta.
dico, pyramidum 4 BI'H, 4EZ® bases in contraria
ratione esse atque altitudines, et esse ut 4BI': JEZ,
ita altitudinem pyramidis #EZ@ ad altitudinem py-
ramidis 4 BI'H.

expleantur enim solida parallelepipeda BHM A,
E®IIO. et quoniam ABI'H= AEZ®, et BHMA
= G6A4BI'H, EOIIO = 6A4EZ® [p. 178, 26], erit
BHMA = E®IIO. uerum aequalium solidorum par-
allelepipedorum bases in con-
traria ratione sunt atque alti-
/4 tudines [XI, 34]. erit igitur,
py Ut BM: ETI, ita altitudo so-
: /" lidi E@IIO ad altitudinem
B T solidi BHMA. sed BM: EII

=ABI': AEZ [1,34]. quare
etiam ut 4BI': 4EZ, ita
altitudo solidi E@ITO ad alti-
tudinem solidi BHM 4. uerum altitudo solidi E®IIO
eadem est atque altitudo pyramidis 4EZ®, altitudo
autem solidi BHMA eadem est atque altitudo pyra-
midis 4BI'H; itaque ut ABI': 4EZ, ita altitudo

6

Iy

z I

#yovear Pacees B. 7. dpear Vq. 15. wvoapidos] om, V.
EGON Y. 16 doxi) om. V. 10. EOIO q.

21, MB Vq. EII faew Vq 22, AB'I".‘tg[ymvov] EQIIO

orepsod Dypog V, corr, mg. m. 2, z6] ins. m. 1 q.

26, dcziv PB. 27 douv B.
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pe6Ls meog iy AEZ Bdew, otrws ©6 s JEZ@
nwvgauldog Tos meog 10 vijs A BI'H mvgauidog Tyos.
tov ABI'H, AEZ® é&go mvpepidov dvrimendvdediv
al Badeg voig Upeow.

‘Arie 07 tdv ABI'H, AEZO mvgauldav dvri-
nemovdérmeay of fcsag toly UYeGy, xal forw g 7
ABI paeig mwedg iy AEZ Bdew, otrwg to tijg
AEZO mvgapidog tipog medg ©o tijg ABIH mvgea-
uldog Uyos' iéyw, 8t lon doriv ) ABI'H mvgauis
] AEZ® mvgouidt.

Toy pag avt@dv xevacxcvasdéviov, énsl éoty dg
7 ABI fdoig meog tiy AEZ Pdew, oUrwg 0 tijg
AEZ® mvgauldos Tyog mgog ©o tiig ABIH mvga-
uidog Upog, ¢Al’ dg  ABI Piheig meog v AEZ
pdewv, oUtwg 0 BM magudinidygepuov mgds td EIT
neguAdnidyeapuov, kel &g dee 10 BM maguiinid-
yoopuov meds 0 EIT magaiinidyeapupov, obrwg v0
rijc 4 EZO mvgauldog tipog meog 6 tijg A BI'H mvga-
uldog Tyos. arie to [udv] rijg AEZO mugauidos
Uog 70 avro fote 19 tov E@IIO magedinleminédov
e, 10 0t tijg ABI'H mvoauldog ¥og 6 avro
dore e tov BHMA magalinleminmédov Upe éomv
dga og ) BM Pdeig medg v EII a6, otrag to
100 EGIIO moagadiniemimédov tpog meog 6 ToD
BHM A nogaiiniemmédov Dog. dv 0% orepedy mog-
allprsmnédo dvrimsnivdacy af Bddeg Toig Dyeay,
loa fotly éxciva loov doa é6ti ©v6o BHMA ovegeov
nogulinisninedov vy EOITO 6veped mogaliniemimédn.

3. deo] om. V.  -Baew in ras. V. 6. dyear Vaq. _
15. ©¢] (prius) bis V. 17. mepudinidyoapor P. 18. tijs]



ELEMENTORUM LIBER XII. 185

pyramidis 4EZ® ad altitudinem' pyramidis 4 BI'H.
ergo pyramidum ABI'H, 4EZ® bases in contraria
ratione sunt atque altitudines. _
Iam uero pyramidum 4BI'H, 4EZ® bases in
contraria ratione sint atque altitudines, et sit ut
ABI': 4EZ, ita altitudo pyramidis #EZ® ad alti-
tudinem pyramidis 4 BI'H. dico, esse
ABI'H = AEZ®.

nam iisdem comparatis quoniam est, ut ABI': JEZ,
ita altitudo pyramidis 4EZ® ad altitudinem pyra-
midis 4BI'H, et ABI': 4EZ = BM:EII [I, 34],
erit etiam ut BM : EII, ita altitudo pyramidis 4 EZ®
ad altitudinem pyramidis 4BI'H. wuerum altitudo
pyramidis 4EZ® eadem est atque altitudo parallel-
epipedi E@IIO, altitudo autem pyramidis 4BI'H
eadem atque altitudo parallelepipedi BHMA. quare
ut BM: EII, ita altitudo parallelepipedi E®II0 ad
altitudinem parallelepipedi BHMA. quorum autem
solidorum parallelepipedorum bases in contraria ratione
sunt atque altitudines, ea aequalia sunt. itaque BHM A

(prius) ins. m. 1 V. 19. pév] om. P, 22, douv B.
tore 1] fote q. 25. wegalinlsmiwédov dypog] om. V.
27. dovl) om. V.
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wol éote Tov utv BHMA &xvov uépos § ABI'H mv-
eouig, 100 0t EOIIO magoliniemimédov Extov uégog
n AEZO® mvgauis® loy doe v ABI'H mvgapls tj
AEZ® mvgoplde.

Tov dga l6ov mvgauidov xai Toryedvovs faces
éovody dvumenovdady of Pdesg tolg Tyediv: xoi
v wvgauldov Toyevovs Phosig Eyovedy dvTimemdy-
daoww ol facsig toly Vyeowy, loow eloly xsivor Gmep
&ar dettar.

¢
IIag xdvog xviivdgov telrov pépog 6zl rov
v adry Bdoiy Eyovrog adrg xal Upog loov.
‘Exére yag xdvog xviivdoe fdow te tv avriy
70v ABI'4 xiuhov xal Tpog loov: Adym, 8ti 6 xdvog

15 7o xvAlvdgov tolrov éorl wfgog, TovréeTiv GTi 6 AV-

20

Awwdpog Tov xevov toimiaciov éotiv.

Ei pap wi derww 6 xviwdgog tod xdvov roimie-
6lov, é6tar 6 wbAwdgog ToT x@vov fror uelfwv 1)
roumdeciov 1 éAdeoav 7 toumiaciov. #6Te mEoTEQOY
peltov 1 Toumdeciov, xal éyyeyoapdw slg tov ABIA
xUxdov teTgdywvoy 10 ABI'A* 16 07 ABI'A wevga-
yovoy ueltdy dotv 1 T fuev vod 4 BI'd wvxhov.
xel dveordte dmd tov ABILA tetgapovov moicue
L60Vs T xvilvdop. TO 01 dvicTdusvov molowe usifoy

1. fotiv PB. 3. lon dea %] 7 dox BVq. 4. mvooplde
ion éottv BV q. 6. dyeoL q. 7. -uldov Tgi- in ras. m.
rec. V. 8. loa fotly dneiva P. 9, #8e1 deifen] in ras, m.
rec. V. 14, ABI'P. 6] om. q.  15. pégog éori V.
6] om. q. 16. zoimidotoy P, corr. m. 2. Zerar B.
17. & — 18. forer] om. B, mg. add. m. 2: & ydo — pedlor,
deletis uerbis 6 #¥livdgog zov ndvov. 17. un yde P.
19. {drroy V. 20. yeyedpdo q. 21, v0 4BI'd] supra
m. 2 B. 23 xel] om. q. 24, dvesropivoyr PBVq.
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= E®IIO. et ABI'H = Y/;BHMA, A4EZ® =/, EGIIO
[p. 178, 26]. itaque 4BI'H — AEZ®6.

Ergo aequalium pyramidum et triangulas bases
habentium bases in contraria ratione sunt atque alti-
tudines; et quarum pyramidum triangulas bases haben-
tium bases in contraria ratione sunt atque altitudines,
eae aequales sunt; quod erat demonstrandum.

X.

Omnis conus tertia est pars cylindri, qui basim
eandem habet et altitudinem aequalem.

Nam conus eandem basim habeat, quam cylindrus,
circulum 4BI'A, et altitudinem aequalem. dico, co-
num tertiam esse partem cylindri, h. e. eylindrum triplo
maiorem esse cono.

nam si cylindrus cono triplo maior non est, erit
cylindrus aut maior quam
triplo maior cono aut mi-
nor. prius sit maior, et
in circulo 4 BI'4 inseri-
batur quadratum ABI'A
[IV, 6]. itaque quadratum
ABI'4 maius est quam
dimidium ecirculi ABI'A
[p. 142, 9]. et in qua-
drato 4BI'4 construatur
prisma eandem altitudi-
nem habens quam cylindrus. itaque prisma con-
structum maius est quam dimidium cylindri, quoniam

X. Hero stereom. I, 14, 3. Psellus p. 56.
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domuv 7] TO 7o 10D xvAlvdgov, émedijmeg udv megl
©ov ABI'A xvxdov tetpdyovov meguyodiousy, 1o éyys-
yooauuévov elg tov ABI'A xvxiov rerpdyovov fjuied
dors ToD meguyeygaupvov: xal ot ve an’ avrdy dv-
woTducve Orepea megalinlsninede molouata (Govpi”
e 0% Do 0 avrd TYog Svre 6regse mapedinismineda
el GAAnia oty @g of Pdesig xal To énl tov ABI'4
dpo Ter@aydvov avadradiv moloue TwieYv doTe ToD
dveeradévrog molouarog dwd vov wegl Tov ABIA
#OxAov meQLYQa@EVTOS TETQUY@YOV® nal d6TIv O *VAWY-
doos éAdrrev ToU molowerog TOT dvasradévres dmd
10?0 mweol vov A BI'd xvxdov weguyoupévrog teToaydvov’
10 &pe mploue ©o dvacradiv ¢nd tov ABI'A tevou-
povov leovPls Td xvdivdew usilov ot Tob fuloews
100 xvAlvdgov. tetwiedweay af AB, BI', I'4, 44
megupépsion 0lye wave ra E, Z, H, @ onusia, xal
énelsvydwoav of AE, EB, BZ, ZI'y TH, HA, 40,
@A nal Ewaevov doa tvov AEB, BZI'y, THA, 404
Touydvoy usitdy detiv 4 0 fuiev tov xad Eavro
Tunperog 100 A BI'd xixiov, g Sumpocdey 0sixvvpey.
dveordre 9’ éxdevov tov AEB, BZI', 'HA, 404
rouysvoy melouate (6ol T xvAlvdow: xal Exacrov
doa TGV dvactedéviav moieudrov usifov éerw 1 TO
futev uéoog vov xud favrd Turjuarog Tov xviivdoov,
énadijnee dav dia vy E, Z, H, @ enuslov magel-
Mjdovg tais AB, BI'y I'd, 44 éydywusv, xel cvp-
nAnowoousy to énl tév AB, BI, I'd, A4 magel-

1. fot0 q. 4. dow] (prius) éoren q; domw B. 5. loovyi]
orzoed Theon (BVq). melopaze] om. q.  lsovysj] om. Theon
(BVa). 6. 0¢ — mepalinisninede] &ox molouere Theon
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si circum circulum 4 BI'A quadratum circumscribimus
[IV, 7], quadratum in circulo 4BI'4 inscriptum dimi-
dium est circumseripti [p. 143 not. 1]; et solida in iis
constructa parallelepipeda?) sunt prismata eandem alti-
tudinem habentia. solida autem parallelepipeda eandem
altitudinem habentia eam inter se rationem habent
quam bases [XI, 32]). quare etiam prisma in qua-
drato A BI'4 constructum dimidium est prismatis con-
structi in quadrato circum A4BI'A circulum circum-
seripto; et cylindrus prismate in quadrato circum 4BI'4
circulum circomseripto minor est; itaque prisma in qua-
drato 4BI'4 constructum eandem altitudinem habens,
quam cylindrus, maius est dimidio cylindri. secentur
arcus 4B, BI', I'd, 44 in punctis E, Z, H, ® in
binas partes aequales, et ducantur 4E, EB, BZ, ZI,
I'H, HA4, 40, ®4. itaque etiam singuli trianguli
AEB, BZI', 'HA4, 4©®A4 maiores sunt dimidio
segmentorum ad eos pertinentium circuli 4BI'4, ut
supra demonstrabamus [p. 142, 22]. jam in singulis
triangulis 4EB, BZI, 'H4, 404 prismata con-
struantur eandem altitudinem habentia quam cylindrus.
itaque etiam singula prismata constructa maiora sunt
quam dimidia segmentorum cylindri ad ea pertinen-
tium, quoniam si per puncta E, Z, H, @ rectas rectis
AB, BI, I'd, 44 parallelas ducimus, et parallelo-

1) mogeliniemimede hic ut semper fere adiectinum est,
sed pertinet ad welopare, non ad oregsd. exspectaneris av-
_wray,svo: molopaTa n'tsosa nagaldnlenimede loovys] (owior.
molspuve loovyd ovseea wogadl. comecit Aungust).

(BVq). 7. elow Bq. éml] dmd q. 14. nulosog BV q.
19. rolyovoy q. 21, 39’ @@’ V. 238, -» 4] add. m. 2 P,
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midyooppe, xal dn’ oVTOY AVEGTIGRUEY 6TEQE
magailnleninede (Govhij T xviivdow, éxdetov Ty
dvaeredévroy nulon ferl ta molduare ve Iml Tdw
AEB, BZI', THA, 404 vouysvoy: xai éot. ta
10 xvAlvdgov Tuipare édrrove tév dvacradivray
orepcay magelnieminidov: dore xal T éni tov AEB,
BZI, I'HA, 40 4 toipovev molouate usifova oty
1 T fuov Tév xed favta ToU xvAlvdgov Tunudrey.
téuvovreg 01 Tag UmoAsLwoudveg megupsgelng Olya xold
émlevpvivisy ebdelag el dvierdvreg dp’ Exdevov

@y Touydvev molopete (60PN TH xvilvdoe xal

To0T0 sl moloVvreg xeredsipoudy Tive dmoTufuaTe
rod xvdlvdgov, & fovar Eidrrove tig vmegoyis, 1
vmegdye 6 wxVliwdgog ToD toumAaclov ToD x@vov.
AsdelpPa, xal é6tw 1o AE, EB, BZ, ZI', 'H, HA4,
A0, @4 Aowmdv dge O moloue, ob Phaig uiv 10
AEBZT'HA® molbyovov, tog 0% 10 atrd ¢ »v-
AMvdog, wsilov oty 7 voimddeiov Tob xwvov. aila
70 mploue, ov Pdaig uév éov 160 AEBZTH A® moiv-
yovov, Tipog 0% 70 avrd t6 xviivdow, Toimideidy éott
vijg mugauldog, ng Pdeis uév éovi v6 AEBZT'HA®
modvywvov, xoguey 0 7 alry TG xwve' xal 1 mu-
oouls dow, Ng Pdais uév [éor] t6 AEBZIT'HA® mo-
idpavov, xoguey 0% n avry td xdve, peifov dorl
700 xwvov tob Paeww Egovrog tov ABI'A wixdov.
aAde wal éldvrev: dumeoiéyeror pag vn adrov” Gmep

3, quloee BVq.  molspa P, corr, m. rec. 5. dmwoTuij-

peza BVq. 8. ] bis P. tov] 107 g. fevrd] -Tat
e corr. m. rec. P; fra q. 10 dp’] dgp” V. 13. &) supra
scr, m. 2 B.. fl¢ecove P. 14. xdvov q. 15. 2e-

Wpdw .  17. ABEZT'HAO®A P, AEBZT'HAOA V.
18. #dvov q. 21, 46zt] om, V. AEBZTH®4 V.
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gramma in rectis 4B, BI, I'd, 44 explemus et in
iis solida parallelepipeda construimus eandem altitudi-
nem habentia, quam cylindrus, prismata in triangulis
AEB, BZI, T'HA4, 4@ A constructa dimidia sunt
singulorum parallelepipedorum’); et segmenta cy-
lindri minora sunt solidis parallelepipedis, quae con-
struximus; quare prismata in triangulis 4EB, BZT,
I'HA4, 4@ A4 constructa maiora sunt quam dimidia
segmentorum cylindri ad ea pertinentium. itaque si
arcus relictos in duas partes aequales secuerimus et
rectas duxerimnus et in singulis triangulis prismata
construxerimus eandem altitudinem habentia, quam cy-
lindrus, et hoc semper fecerimus, frusta quaedam cy-
lindri relinquemus, quae minora sunt excessu, quo cy-
lindrus triplum coni excedit [X, 1]. relinquantur et
sint 4E, EB, BZ, ZTI', TH, HA, 48, ®4. itaque
quod relinquitur prisma, cuius basis est polygonum
AEBZI'HA®, altitudo autem eadem ac cylindri,
maius est quam triplo maius cono. wuerum prisma,
cuins basis est polygonum A EBZI'HA®, altitudo
autem eadem ac cylindri, triplo maius est pyramide,
cuius basis est polygonum AEBZI'HA®, uertex
autem idem ac coni [prop. VII coroll]. quare etiam
pyramis, cuius basis est polygonum AEBZI'HA®,
uertex autem idem ac coni, maior est cono, qui basim
habet 4BI'4 circulum. uerum etiam minor est (nam

1) Hoc ex XI, 28 colligitur ductis ab E, Z, H, @ rectis
ad 4B, BI', I'd, d4 perpendicularibus.

22. xéve q. 28. éo7s] om. P. 24. xove q. dotly
P.  25. udwov in ras. q.  26. 9=’} corr. ex ¢n’ m. 2 B.
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dotly advvarov. ovx dga detiv 6 wAwdgog Toi xw-
vov usifov 1 rouwldetog.

Ay 01, Ot 0v0% éldrrav otlv 7 ToimAdeiog O
xVAwdoog ToU xevov.

E¢ yag dvverdv, 6t éidrrav 1 toimideiog 6 xv-
Awdgog ToU xwwvov' avdmelv dga & x@vog TOD xU-
Atvdgov pellwv dotlv 1) toirov pégog. dyyepodpdw
07 &lg vov ABI'd wixhov vevpdyavov 10 ABIA" 70
ABI'A éga vergdyovov peildv éemv 14 vo fuiov vov
ABT'A aixhov. xal dvecrdro and vov ABIA tergo-
yeVOV mvgauls TRV eUTRY x0QUly Ejovea T XWVE'
7 dga dvaoradeide mvgauls wellov éetiv 1 TO fpiov
pégog ToU xwvov, énsdnmee, wg Eumpocdey deinvvucy,
Ot dov megl TOV AURAOV TETEAY©OVOV TWEQLYQUPOUED,
dovar 10 ABI'A vergdywvov oy 1od megl Tov %v-
#AOV TEQLYEYQOUUEVOV TETQuYBVOV® xal Eov AWO TOV
reTgeydvoy  Grepse  magelinisminsda  dveeTiempEy
loovYi] T x6ve, & xal xedsitor molopere, oTar TO
avacradty and to0 ABI'A revgaydvov fjuiev Tod
avaeradévrog and Tov megl TOV xVxAOV WEQLYQAPEVTOZ
TETQUYRVOV* TPOG EAAnAw pdg eleLy dg of Bdeerg. dore
xel Te tolte’ nal mwveeuls doa, 7g Pdeig 10 ABI'A
TeTQdyvov, Tuiey ot tig mvgauldog iz dvacTo-
delong dmod Tov meol TOV uvndov weguygapévrog TETON-
yevov. xel €oti pellov 7 mvgauls 7 dvacsradeiow
amd To¥ mel TOV wUxAov TETQAY@YOV TOU AeVOV®
dumegiéyes poo evTdv. % oo mvgepls, ng Pdeig TO

1. éoviv] om. V. dotly] ¥orow BV. uovov q et sic
postea saepe. 3. fozv] om. V.  toumddoibs dorw V. |
8, 76 ABI'd — 9. tstedymvor] mg. m. 1 P, 10. zerpoyo-

vov] in ras. q. 13. pépog] om. V. 14, meprypapoouey
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ab eo comprehenditur); quod fieri non potest. itaque
cylindrus maior non est quam triplo maior cono.

Jam dico, cylindrum ne minorem quidem esse quam
triplo maiorem cono.

Nam si fieri potest, sit cylindrus minor quam triplo
maior cono. e contrario igitur conus maior est tertia
parte cylindri. iam in circulo 4BI'4 quadratum in-
scribatur 4BI'4 [IV, 6). itaque quadratum 4BI'A
maius est quam dimidium ecirculi 4BI'A [p. 142, 11].
et in quadrato 4BI'4 pyramis construatur eundem
uerticem habens, quem conus. itaque pyramis ita con-
structa maior est quam dimidium coni, quoniam, ut
supra demonstrabamus [p. 143 not. 1], si circum cireu-
Tum quadratum circumscripserimus [IV, 7], quadratum
ABI'4 dimidium erit quadrati circum circulum circum-
seripti; et si in quadratis solida parallelepipeda ean-
dem altitudinem habentia, quam conus, construzerimus,
quae eadem prismata uocantur, solidum in quadrato
ABI'4 constructum dimidium erit solidi constructi in
quadrato circum ecirculum circumscripto (nam eam
inter se rationem habent quam bases) [XI, 32]. quare
etiam partes tertiae. itaque etiam pyramis, cuius basis
est quadratum 4 BI'4, dimidium est pyramidis, quae
in quadrato circum circulum circumscripto construitur
[prop. VII coroll). et pyramis in quadrato circum
circulum circumscripto constructa maior est cono (nam
eum comprehendit). itaque pyramis, cuius basis est

zezgayovoy BV q. 15. fueov] -pe- in ras. V. 16. wsgi-
yeyoouuévov] megryoagpopévov V., zgrgaydvov] om. V.

18. xolsi in fine lin. P, 19. zo#] (alt.) corr. ex 76 m.1P.
22. zole q, corr. m, 1. 28. éoruv P. 27, meoLéyel .

Euclides, edd. Heiberg et Menge. IV. 13
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ABI'4 zevoayovov, xogupy 0% 7 avry 6 xove,
peltov éotlv 4 v0 fjpiev Tob xwvov. tezwiiedweay uf
AB, BI, I'd, 44 nmsoupéperar dlye xeve e E, Z,
H, ® onuele, xol énelevydweay of AE, EB, BZ,
ZIy TH, Hd4, A0, ® 4" xal Exaorov dge t6v AEB),
BZI', 'HA4, 404 toiyoveoy usitdy ot 1 1o
fuov uégog Tov xed Eauvrd Tufjuerog tov ABIA
wVxdov. xol aveordrwoav &p’ ixdovov vy AEB,
BZI', THA, 404 roiyoveov mvgauidsg iy oty
xogupny Epovear TH xOVvE' xel Swdern doa TOV
dvacradaody mvgepldov xere TOV aUTév TQdmOV
peltov dotly 1 ©6 fwev péoog Tov xad Eevryy Tui-
parog ToD xwvov. téuvovreg 01 tag UmoAsumoudvag
nweQupsgeiag Oy nal Emibevyvivrey evdslag xal av-
sordvres 8@’ Envorov TAY TQUYBVeY mvgaulda T
atTy xoguepny Epoveay T@ x@ve xel TovTo asl mwoi-
ODVTES HOTUAL(YOUSY TIVE ATOTUWUOTE TOD AGVOU, O
Zovou éhdTrove tijg Umegoyis, 1 VMEQEYEL b xBVOG TOD
Tolrov uégovg tov xvAlvdgov. Asdelpdw, xal ot
v énl vov AE, EB, BZ, ZT', T'H, HA, 40, 04
Aoumn) doe % wvgeuls, ng e pév éovivo AEBZIHA®
rodvyavov, xoguey 0 1 ebry TH xdve, psllov fotiy
7 Toltov uégog To¥ xvAlwdgov. ¢AX 1§ mvgeuls, 1§
Beois uév éote ©6 AEBZI'HA® moivywvov, %ogueT
0% 7 adry) T xdve, Telrov doTl udpog Tov meloparos,
0¥ Bdeig uév éovi 16 A EBZT'HAG® moidpawvo, tog
0% 70 adtd 16 wvilvdee' ©o dow melouw, o Pdaig

2. 76] om. P. «i] bis P, sed corr. 8. zd] 6 q.
5. @4] om. B. 8. {p’] g’ BVq. 10. &yovzes V.
12, peifor P, corr, m, rec. favzé PBVgq; corr. ed. Basil.
17, sgajpete BV, 19, ledijpdo q. 21. AEBZI'HA6] @
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quadratum 4BI'4, uertex autem idem ac coni, maior
est quam dimidium coni. iam arcus 4B, BI, I'4, 44
in punctis E, Z, H, @ in duas partes aequales secentur,
et ducantur 4E, EB, BZ, ZI', T'H, H4, 46, 04.
itaque singuli trianguli 4 EB, BZI, 'HA4d, 404
maiores sunt quam dimidium segmentorum circuli 4BI'4
ad eos pertinentium [p. 142, 22]. et in singulis triangulis
AEB, BZI, 'HA4, 4@ A4 pyramides construantur
eundem uerticem habentes, quem conus. itaque etiam
singulae pyramides, quas construximus, eadem ratione?)
maiores sunt quam dimidium segmentorum coni ad
eas pertinentium. si igitur arcus reliquos in duas
partes aequales secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eundem
uerticem habentes, quem conus, et hoc semper feceri-
mus, frusta quaedam coni relinquemus, quae minora
erunt excessu, quo conus tertiam partem cylindri ex-
cedit [X, 1]. relinquantur et sint ea, quae in AE,
EB,BZ, ZI', 'H, HA4, 40, @ .4 posita sunt. itaque
quae relinquitur pyramis, cuius basis est polygonum
AEBZI'HA®, uertex autem idem ac coni, maior est
tertia parte cylindri. uerum pyramis, cunius basis est
polygonum 4 EBZI'HA®, uertex autem idem ac coni,
tertia pars est prismatis, cuius basis est polygonum
AEBZI'HA®, altitudo autem eadem ac cylindri.

. 1) Se. ac supra p. 192, 12 sq in pyra.m1d1bus, quae in
quadratis constructae erant.

corr. ex Buel Zq, 22 %] om. q 24 AEBIHAO V.
26. éoriv B. AEBZT'HA®)] Z supra scr. m. 2 V. 27 %]
oin ras. m. 2B. 0 o — p. 196, 2. avillyvdop] om. q.
13%
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pév éoni ©6 AEBZT'HA® moMiywvov, Upog 0% ro
adrd TG wwiivdew, wslléy éow tob wvilvdgov, o
Beoig dovlv 6 ABI'A wvxdog. dAda xel Elatvov:- du-
meguéyetar pag VX avrov Smsp éoriv ddvvavov. ovx
don & uAwdoog ToD xwvov éhdrrav fotly 1 ToimAd-
Grog. 0elydn 0¢, Ove 0V¥0% psitwv 1 roimddetog’ TOL-
whdeog doa 6 xVAwdgog TOT xeVOV' BGTE O %OVOS
Tolrov éoti pégog Tov xviivdgov.

s doo xdvog xvAlvdgov Tolvov uégog éoti rov
vy avwy Pdow Eyoveog avrd xal tipog igov: Omeg
&de Octkou.

e,

Of 9mo 10 adt0 VPog dvreg xdVOoL xal xv-
Atvdoor meog ardflovg eloly dg af fdaeg.

"Eovwcey vmd t6 eldrd UPog xdvor xal xviwdgo,
ov Pdosg ptv [elow] of ABI'4, EZH® xvxioe,
aEoveg 02 of KA, MN, didusroor 0% tov fdcsov of
A, EH' iéyn, ot éotly g 6 ABI'A xixiog meds
wv EZH® xvxlov, otweg 6 AA xdvog mgog Tov
EN xdvov.

El yap wi, Sovaw &g 6 ABI'A wuvxhog mpds tov
EZHO® xvxhov, oftwg 6 AA xidvog iror meds Elac-
6év 7 vob EN xdvov oregedv 1 modg ucifov. &6t
wpbrsgov mods Ehadoov T K, xal ¢ éagedy éove vO
E ereoeov tov EN xavov, drelveo ldov éotm t0 &
gregedv: 6 EN xivog Goo ioog éotl voig 5, ¥ ove-
ocoig. Eyyeyodode &g tov EZHO xixiov tevod-
yovov ©6o EZHO" t0 doa vevpdyovov usifdv oty

3. pév lomw Vq. dotly 6] mg. m. 1 P, _ #drray V.
4, éottv] om, V. 8. uégos dorl V. 9. &g 6 V.
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prisma igitur, cuius basis est 4 EBZI'HA® poly-
gonum, altitudo autem eadem ac cylindri, maius est
cylindro, cuius basis est circulus 4 BI'4. uerum etiam
minus (nam ab eo comprehenditur); quod fieri non
potest. itaque cylindrus minor non est quam triplo
maior cono. demonstrauimus autem, eum ne maiorem
quidem esse. triplo igitur maior est cylindrus cono.
itaque conus tertia pars est cylindri.

Ergo omnis conus tertia pars est cylindri, qui
eandem basim habet et altitudinem aequalem; quod
erat demonstrandum.

X1 .

Coni et cylindri, qui eandem habent altitudinem,
eam inter se rationem habent quam bases.

Eandem altitudinem habeant coni et cylindri, quo-
rum bases sunt circuli 4BI'd, EZH®, axes autem
K4, MN, diametri autem basium AI, EH. dico,
esse ABI'4: EZH® = 44: EN.

Nam si minus, erit ut 4BI'4 : EZH®, ita conus
A4 aut ad minus aliquod cono EN solidum aut ad
maius. prius sit ad minus 5, et sit ¥ =EN - 5.
itaque EN = § <4 ¥. iam in circulo EZH® inscri-
batur quadratum EZH® [IV, 6]. itaque quadratum
maius est dimidio circuli [p. 142, 11]. in quadrato

tod oy — 11. Seifas] ual ta £E7s V. 10. loov] supra m,
2 B. 12 :a'] om. q. 15. xaf] 4 B.  16. sletr] om. P.

17. Sudpsrgor — 18. EH] om. ¢; mg. m. 2 B. 19. #d-
#loy] supra m. 2B. 44 B, sed corr. mpdg — 22. xGvog] mg.
m. 2B. 20 xdvor] om. BVq. 21. for0 Vq. 22. xvxloev]
om. q. dzoe] om. q; % BV.  fjzor — 28. 7] et in textu et
in mg. m. 2 B (7 pro 7jzor). 24, medregor] om. q.  28. 6w q.
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1 To oy Tod xUxdov. dweerdre dwd vov EZHG
Tergaydvov mvgauls l6oUYns TH wbve' 3 doa dve-
oradeion mvoapls upeltov dorlv 1 10 fuiev ToU xai-
vov, émeidijmsg fov msguygdpmpsy msl TOV AUxAov
teToayovov, kel Gn’ avTod dvectidousy mvgaulde
loovyi] T xndve, 1 dpyonpsioe mvgapls Tiuev ot
Ths WeQupoapslong: meog GAdfAwg pdo elow g of
Baeg hdrrov 0 O xdvog Tijg meguyoagelong wvpa-
uldog. zerunedwoey of EZ, ZH, HO, OF =meoi-
péocien 0lye xare Ta O, I, P, X onusia, xol énstevydo-
éav of ©®0, OE, EIl, IIZ, ZP, PH, HE, 6.
Enacrov dpo tév @OE, EIIZ, ZPH, HX® toya-
vov usitév derw 14 10 fuov T00 xed favrd Twif-
perog Tov xUxlov. dvesrdrem ép’ Exderov tdv OOE,
ENIZ, ZPH, HXO rouydvev mvgauls (cotyns T
xdve' xel Exdory doe TéV dvesradsieny wvgauldov
ueliov Zotly 4 ©o fuev Tod xad’ ESoviyy Twiparos
700 x@vov. Téuvovreg 0N Tag. VmoAsimoudvag meQL-
peoslog Olye nal émilevyvivrss evdslag xol dvicrdvreg
énl éxdorov TdY Touydvev mvgauideg loovysiy vH
xovep xel dsl Tovro morotvrey xatalslpoudy Tive

6. éorv P. 7. &nie B, corr. m. 2. 8. éldoowy P.
Post mveapidos add. 7 &g mveapls, 4s fdois to EZHO
TeTgayovoy, wogues O 7 avTy T ndve, pelfov ety i To
fusoy Tob xévov Vq, mg. m. 2 B. 10, zé] 16 q. P, Z]
corr. ex II, P m. rec. P. 11. OE] ®E q. 12. HE® q.

18. adzé V. 14, dg’ Bq; uerba do’ éxdorov supra m.
2V (uidetur_ fuisse fp’ fxdorp). 16. xal] om. V.
17. pégog vo¥ V. éeveny] corr. in favrd V; foved corr. ex

fovrop P. 20. éxdozo V.
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EZH® pyramis construatur, quae eandem altitudinem
habeat, quam conus. pyramis igitur constructa maior
est dimidio coni, quoniam si circum circulum quadratum
circumscripserimus [IV, 7] et in eo pyramidem con-
struxerimus eandem altitudinem habentem, quam co-
nus, pyramis inscripta dimidia est circumscriptae; nam
eam inter se rationem habent, quam bases [prop. VI];
conus autem pyramide circumscripta minor est. se-
centur arcus EZ, ZH, H®, @E in punctis O, II, P,
Z in duas partes aequales, et ducantur ®0, OE, EII,

a4
T,

K
T

5 3

InZ, ZP, PH, HZ, X6. singuli igitur trianguli
®O0E, EIIZ, ZPH, HX® maiores sunt dimidio
segmentorum circuli ad eos pertinentium [p. 142, 22].
lam in singulis triangulis ®OE, EIIZ, ZPH, HX®
pyramis construatur eandem altitudinem habens, quam
conus. itaque etiam singulae pyramides constructae
majores sunt dimidio segmentorum coni ad eas perti-
nentium [p. 194, 10]. quare si arcus reliquos in duas
partes aequales secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eandem
altitudinem habentes, quam conus, et hoc semper fece-
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dmoruwijuare Tod xdvov, & ot éAdedova Tov W
ovegsot. Asdelpdw, xal forw e énl tév GOE,
EIIZ, ZPH, HX®* ioumy) doe 7 mvgauls, ng Pdeig
10 @OEINIZPHX molvyovov, Uiog 0% 10 avrd Td

5 xwve , pelfov forl tod 5 oregsob. dypeyodpdo xel
elg 1ov ABI'A xvxdov v GOEIIZPHZX moiv-
yove Buowdy ve xal duolwg xslusvoy modvywvov To
ATATBOI'X, xol dveordro én avtov mvgauls
loovyng 16 A4 xove. émel ovv doTv dg vO Amd
10 7ijg AT mdg 6 axd vijg EH, ovrwg 10 4TATBII'X
noAvyevov meos 760 @O EIIZPHZX molbywvov, dg 0%
0 and v A medg ©0 amd vijg EH, ovrog 6
ABI'd wxdog moos tov EZHO wvxdov, xal dg doe

0 ABI'A Vxiog medg vov EZHO xvxiov, olrog to
16 ATATBOI'X moivywvov mgds 6 @OEIIZPHX
nolvywvov. @g 02 6 ABI'A xvxiog meds tov EZHO
xUxdov, otrwg 60 AAd xdvog medg o [ oregsdv, g
0% to ATATBOI'X moAvywvov meds vdo GOEINZPHX
nmolvyavov, oltwg 1 mvoauls, ns Pdcig udv 7O
20 4 TATBOI'X molvywvov, xogupy 0% v0 A cqueiov,
meds Ty mvgaulde, s Pdeig wiv ©d6 @OENZPHXE
moAbyavoy, xoguey 0% ©d N enusiov. xal dg doo O
Ad nidvog medg o 5 eregedv, ofrwg 1§ mveauls, g
peaig utv 10 ATATBOI'X molvymvov, xogupy 0F
25 ©6 A equsiov, medg T mugaulda, ng Pdaig udv 1o
@OEIIZPHZ molvywvov, xogues 0t 1o N enusiov*
Zvaidak &oo dotly og 6 AA xdvog medg Y v adre
nvoaulde, otrwg 0 5 6regedy mods v v v EN

1. zen] dorewv P. 2. @OE] e corr. q. 8. dosmwoy P.

4. OOEIIZPHZ PB, OEIIZPHZXO V. 5. peifov Vg,
et B, sed corr. otiv P. 6. OPEIIZPHZX PBq et e corr.
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rimus, frusta quaedam coni relinquemus minora solido
T [X, 1] relmqua.ntur et sint ea, quae in @OE,
ENIZ,ZPH,HX® pos1ta sunt. itaque quae relinquitur
pyramis, cuius basis est polygonum @OEIIZPHZ,
altitudo autem eadem ac coni, maior est solido 5.
etiam in cireculo 4BI'4 polygono @OEIIZPHX
simile et sjmiliter positum polygonum 4 TATBOI'X
inscribatur [efr. VI, 18], et in eo pyramis construatur
eandem altitudinem habens, quam conus A44. iam
quoniam est
A :EH? = ATATBOI'X:00ENZPHZE [prop.1),
et AI®: EH?= ABI'4: EZH® [prop. II], erit etiam
ABI'4d: EZHO® = ATATYBPI'X:@OEIIZPHZ,
uerum ABI'Ad:EZH® = A4A4: 5, et ut
ATATBPI'X : GOEIIZPHZ,
ita pyramis, cuius basis est polygonum 4 TATBOPI'X,
. uertex autem punctum 4, ad pyramidem, cuius basis
 est polygonum @O EIIZ PH X, uertex autem N punctum
[prop. VI]. quare etiam ut 44 : 5, ita pyramis, cuius
basis est polygonum AJTATBPI'X, uertex autem
punctum 4, ad pyramidem, cuius basis est polygonum
OOEINIZPHZ, uertex autem punctum N. permu-
tando igitur erit [V, 16], ut conus 44 ad pyramidem
in eo comprehensam, ita solidum & ad pyramidem in
cono EN comprehensam. conus autem 44 maior est

v, & ATATBOI'X] lith. I' postea add. V. an’ q.
evrd B. 10. 76 (alt) — 12. ovtwg 6] mg, m. 1 V.

11. OQEIIPHZX B, et P, corr. m. 1. 12. ormg 6] etiam in
textu V. 15. O@EHPHZP corr. m. 1. 18. ATATII'X
V. 20. GOEIIZPHZ B, i fréop 10 ATATBOI'X modd-
yovoy mg. m. 2. 24 ATATBdSI‘X_],I’ postea add. V.
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xove mvgeplde. pelfov 0t 6 AA xdvog i dv edrg
mvgauidog” peifov Goa xel to JF ersgedv Tig v vH
EN xivep mvgauidos. il xel Edeeoov: Gmeo Fvomov.
ovx dge éotlv dg 6 ABI'A uixdog medg vov EZHO
xvxlov, otrwg 6 AA xdvog medg EAeeedy vi Tov EN
xdvov oregedv. Opolwg 0y delfousv, Oti 000¢ doriv

{ EZH® xvxlog moog v6v ABIA xvxiov, oUreg
6 EN xdvog meog ¥Aaeadv v 1ov A4 xavov aregeoy.

Aéyo 01, Ori 000¢ dotiv &g 6 ABI'A wudxiog
ngds Tov EZHO xvrlov, oltwg 6 AA xdvos mols
ueifdy o zov EN xdvov 6reeoy.

E¢ yop Svvardy, E6tem moodg peilov 70 5&° dvdmaiw
doa éotiv og 6 EZH@ mﬁx}.og ngég 70v ABI'd #v-
xlov, ovtmg 70 5 61:89601/ 7og 10V AA xdvov. @il
g 10 5 675080V meog oV A A ndvov, oltwg 6 EN
x6Gvog MEos 660 TL Tov A.A udvov 6regedy” xal
og.bpe 6 EZH® xvxiog meog 1ov ABIA wiriov,
otrwg 0 EN xdvog meog élacedy v vot A.A névov
otepeoy Smeg ddvvarov elyPy. odx dga oty og
6 ABId xtxiog meds tov EZHG wixiov, obrag 0
AA xovog medg peiféy v vov EN xudvov 6regeoy.
0sly®y 04, Gte 000t moog Elasaovt Eemww dga g O
ABIL'A4 xbxiog ﬂg(‘)g vov EZHO® xvxiov, obrwg 0
Ad xmvog ngog tov EN xdvov.

"AAX g 6 x@vog mEdg TOV uawo'u, ) xvlw&gog .
weog TOV xVAwdgov' roumdeclwv pag Exdrsgog Exe-
tégov. xal wg doax 6 ABI'A xvxiog meos vov EZHO
wUxdov, olrwg of én’ adrdv leovysis [vols xwvois)
wvdwdgo.

L foveg P. 4. fotly] om. V. 6. 008¢ douv oig] 068’
6V, 088" dg 6 m. 2; 093} ¢ dorer q. 13. wdxlov] om. B.
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pyramide in eo comprehensa. itaque etiam solidum
& maius est pyramide in cono EN comprehensa [V,
14]. uverum idem minus est; quod absurdum est.
itaque non est ut 4BI'4: EZHO, ita conus 44 ad
solidum minus cono EN. iam similiter demonstrabi-
mus, ne EN quidem conum ad solidum minus cono
AA eam rationem habere quam EZH® : ABI'J.
Jam dico, ne ad maius quidem cono EN solidum
conum A4 eam rationem habere quam
ABI'4:EZHG®,

- Nam si fieri potest, habeat ad maius 5. ifaque e
contrario erit EZH®: ABI'd = 5 : AA [V, Tcoroll.].
uerum ut 5 : 44, ita conus EN ad solidum minus
cono 44 [prop. II lemma]. quare etiam ut EZH®
: ABI'4, ita conus EN ad solidum minus cono A4
quod fieri non posse demonstrauimus. itaque non est
ut 4BI'd: EZH®, ita conus 44 ad solidum maius
cono EN. demonstrauimus autem, eum ne ad minus
quidem illam habere rationem. itaque

ABI'A4: EZH® = AAd: EN.
sed ut conus ad conum, ita cylindrus ad cylindrum;
nam uterque utroque triplo maior est [prop. X]. itaque
etiam ut ABI'Ad: EZH®, ita cylindri in iis con-
structi, qui eandem altitudinem habent.?)

1) Uerba tois uwwvorg lin. 28 uereor ne antiqua glossa sit;
neque enim hic de eo agitur, ut cylindri eandem altitudinem
habeant quam coni, sed ut demonstremus, cylindros leovyeis
eam rationem habere quam bases.

14. ¢il° — 15. xdwoy] mg. m. 1 P.  19. oviv] om. V.
dg]l om. q. 21, m]om.q.  xdvov] om. V. = 26. élle P.
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Of dpa vmd ©O avrd Tpog Ovreg xdvor xel xv-
Awdgor moog dAdjAovg &loly g of Bdoeig® Smse £0ea
dstkar.

.

5 Of 8uotor xdvor xal xvltvdgor medg aldg-
lovg év roumAadiove Adyo elol vy v 'ml’g Bea-
geotL ()‘l,aysrgmv

"Eotwoay Bpotor xdvor xel xviwdgor, & Pdesg
ptv of ABI'd, EZH® xvxioi, diuducrgor 0% tdiv -

10 6sov of Bd, Z0O, &Eoveg 0% vdv nwveov xel xvily-
dowv of KA, MN* Aéyw, 8vt 6 uidvog, ov fdais pév
[éotiv] 6 ABI'A xvxlog, xoguey 0% 16 A enusiov,
neog ToV xbvov, ob Pocig uév [éeviv] 6 EZHO xi-
xAog, xoguey 0% v0 N onusiov, toimdaslova Adpov

16 éyer fimeg 9 BA mods iy Z6.

E¢ yeo p1y éyee 6 ABI'AA xévog meog tov EZHON
novov voumdeolove Adyov fimeg 7 BA moog tiw ZO,
$8e1 6 ABI'AA xivog 9 mweds Aacady vv voo EZHON
%vov 6Ts0E0Y TQuAaclove Adyov 7 medg usitov. éyérm

20 mwodrsgov moodg Elaceov 1o E, xel dpysyodepda g Tov
EZ HO xvxhov revoayovor vo EZH®" 16 doa EZHO
rergdyovoy peifév ot 7 ©6 fuev tov EZHO xv-
xhov. xel dveerdro énl vov EZHO vergaydvov mv-
oauls Ty edtiy xogveyy &yovee TH xove: 7 How

256 avaoredsion mvgauls uelfov dorlv 4 o fuov udoos

PB.  fdozowy P. 8. fdog q. _ 10. ai] of BY. 3¢
om. q. %] g BVg. 12, éo"mg om. BVq.  13. fozww
om. BVgq, 16. & P, ¥o B. 17. zgumidoioy P,
ostea corr, m. 1. Post loyov ras. 3 litt. V. 20. meds
lacoov mebszeov BV q. 22. #dxdov — 23, EZHO] mg. m.

2. Gmee £e dsifau]:~ V. 5. nel) ual ofq. 6. slaﬁ}l
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Ergo coni et cylindri, qui eandem habent altitudi-
nem, eam inter se rationem habent quam bases; quod
erat demonstrandum.

XIIL

Similes coni et cylindri inter se triplicatam ratio-
nem habent quam diametri basinm.

Sint similes coni et cylindri, quorum bases sint
circuli 4BI'd, EZH®, diametri autem basium B4,
Z0, axes autem conorum et cylindrorum K4, MN.
dico, conum, cuius basis sit circulus 4BI'4, uertex
autem 4 punctum, ad conum, cuius basis sit circulus
EZH®, uertex autem N punctum, triplicatam ratio-
nem habere quam B.:Z6.

nam sinon est ABI'A4A:EZHON — BA4%: 263,
conus 4BI'4A aut ad solidum aliquod minus cono
EZH®N triplicatam rationem habebit aut ad maius.
N  prius habeat ad minus

4, et in circulo EZH®
inscribatur quadratum
EZHO[IV, 6]. itaque

z quadratum EZ HO® ma-
ins est dimidio ecirculi

‘m EZH®O [p. 142, 11]. et
in quadrato EZH® py-
ramis construatur eun-

dem uerticem habens,
quem conus. itaque pyramis constructa maior erit

XII. Psellus p. 65.

1P 28. éml] dmd V. 24. Ty by xogugry &
{sovynfs Theon (BVq). P1v {yoven]
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T0¥ xawvov. verwjedweev 0y of EZ, ZH, HO, OF
neQuploetar Oiga nave ta O, I, P, X oqusie, xal
énelevydwoay of EO, OZ, ZI1, ITH, HP, PO, 6%,
ZE. =xal &aovov &Gga vev EOZ, ZIIH, HPO,
OZE toipdvev peildv dotv 4 O fjuiov pggog Tov
x0®’ Eaved Tufparog vov EZHO xvxiov. xal dvedrdro
ép’ éxderov vov EOZ, ZIIH, HP®, ® X E toiydvay
mvgauls T avTiy xogueny Epovea TG xeVE" xel
éndoty Goo TaV dvadtadecny mvgauldav usliov dotly
7 T0 fuev uégog Tov xad faveRy Tujuarog Tov xaVOU.
réuvovreg 01 tog vmodamoudvag megupegsiag Olye xal
émitevyvivreg evdelag xol dvierdvreg ép’ Exdorov TGV
Touy@vey wvgouldas Ty avTy xogueny éypoveag
T0 xeve xel Tovro del mooDvreg wavedslipousy Tve
amorufuare tov xdvov, & Sevow éAdecove Tig Umeo-
oxfis, 11 vmeeéyst o EZHON wiwog tod 5 oregeob.
Aedslpda, xal &6t e énl vav EO, OZ, ZI1, I1H,
HP, PO, @X, ZE- Aowwy doe §) mvgouls, fg Pdoig
uév dove ©6 EOZITHPOZX molvymvov, xogupy 0t 0
N enusiov, yellov éotl 1ot [E ervsgeot. épyeyongdo
xal slg ©ov ABI'A wixiov vo EOZITHPOZX molv-
yove Suotdy Ts xel Spolwg xslusvov molvymvov To
ATBYI'®AX, xel dveordro énl vov ATBYTPAX
modvydvov mvoapls Ty alTyy xogugny &yovee TE
xove, xel vy ulv megueydvtov vy mvgaulde, Ng
Bdaig uév éert 16 ATBTYT PAX modvymvov, xoguys)
0t 10 4 onueiov, ¥v volyavoy Eorw vo ABT, tov
0% megueydvray Ty mveauide, Ng Pdeig wéy ot To

2.1t¢]v6 V. 4 HPOYHE® q. 7.d9 V. EOZ]O
in ras. m. 2 B, E@Z q. 8. ¥jovoa] y in ras, B. 9. pel-
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dimidio coni [p. 192, 12]. iam arcus EZ, ZH, HO,
@FE in punctis O, II, P, X in duas partes aequales
" secentur, et ducantur EO, OZ, ZII, ITH, HP, PO,
60X, ZE. itaque etiam singuli trianguli EOZ,
ZIIH, HP®, ®ZE maiores sunt dimidio segmentorum
circuli EZH® ad eos pertinentium [p. 142, 22]. et
in singulis triangulis EOZ, ZIIH, HP®, GZE
pyramis construatur eundem uerticem habens, quem
conus. itaque etiam singulae pyramides constructae
maiores sunt dimidio segmentorum coni ad eas perti-
nentium {p. 194, 11]. iam si arcus reliquos in duas
partes aequales’ secuerimus et rectas duxerimus et in
singulis triangulis pyramides construxerimus eundem
uerticem habentes, quem conus, et hoc semper fece-
rimus, frusta quaedam coni relinquemus, quae minora
erunt excessu, quo conus EZH® N solidum % excedit.
relinquantur et sint ea, quae in EO, OZ, ZII, IIH,
HP, PO, ®%, XE posita sunt. itaque quae relin-
quitur pyramis, cuius basis est EOZITHP®X poly-
gonum, uertex autem punctum N, maior est solido 5.
lam etiam in circulum 4BI'4 polygono EOZITHPBX .
simile et similiter positum polygonum 4 TBTI'®PAX
inseribatur [VI, 18], et in polygono A TBYI'®A4X
pyramis construatur eundem uerticem habens, quem
conus, et ex triangulis comprehendentibus pyramidem,
cuius basis est polygonum ATBPI'®PAX, uertex
autem 4 punctum, unus sit 4BT, ex iis autem, qui
pyramidem comprehendunt, cuius basis est polygonum

fov] in ras. B. 10. pfeog] om. V. 17. silijpdo q.
18. @2 om. q. 20, peifov q.  23. énl — 24. molvydvoy]
an’ advod Theon (BVq). 27. ATB P. 28. wjy] om, V,
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EOZIIHPOZX molvyovov, xoguey 0% to N enusiov,
8y rolyovov forw 10 NZO, xol énclevydacey of KT,
MO. wxel éwel Opoids d6vww 6 ABI'AA xivog 6
EZHGON xdvp, fouw &ou dg 7 BA meds my 26,
otrwg ¢ KA Gkov mgog tov MN dfove. g 0% 9
B4 mgds vy 2O, ottwg vy BK meds vy ZM xal
&g doe 1 BK mods vy ZM, obrag 7 KA mgog tow
MN. =xal évaddet dg 7 BK moog wiv KA, otrmg
% ZM mpog thy MN. xel megl loeg yavlag vag vmo
BKA, ZMN of micvgal avidoydy slew: Guoiov &ou
dori v0 BKA volyovov t¢ ZMN zowydve. melw,
énsl dotiv g 1) BK mpog vy KT, obrwg 3 ZM modg
v MO, xal mepl ioog yovies vag vno BKT, ZMO,
énedrjmeg, 0 pégog éotly 4 v BK T yovie tdv mgog
o K névrop teoodgmv d98dv, ©0 avrd pégog éorl
xel 5 Ym0 ZMO yovie tiv meds ve M xévrep ved-
ooy Spddv: émsl ovv megl loag yovieg af mhsvoal
dvdAoydv elew, Oporov Hoo dotl vd BKT velywvov
6 ZMO vouydvep. mdiiw, émel elydn dg § BK
woog v KA, otrwg ) ZM meog vy MN, ioy O}

) utv BK ©fj KT, 7 0% ZM ©fj OM, éovw &ga dg

7 TK moos vy KA, obrwg % OM meos wiv MN.
xol megl loag yovieg teg vmd TKA, OMN: dgdal
yoo* of mAevoel dvdloydy elaw: Spotov dgo dorl TO
AKT zolyovov v¢ NMO toipdve. xol émel Oux
v opocoryre tév AKB, NMZ rowysdvev foriv dg
5 AB mgog tyv BK, otrwg 7) NZ mgog tv ZM,
dwr 0% oy Opoudvyre vév BKT, ZMO rowpadvev

1. EOZIIHPOZ q. 2. NOZ P. 8. ABI'4 B, ot
V, corr. m. 2. 4. EZH® B, et V, corr. m. 2 (ZH in ras.).
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EOZITHP®ZXZ, uertex autem N punctum, unus sit
NZO, et ducantur KT, MO. et quoniam conus
ABI'44 cono EZH®N similis est, erit B4 :ZO
= KA : MN [XI def. 24]. uerum BA:Z® = BK:ZM,
qudre etiam BK:ZM = KA:MN. et permutando
[V, 16] BK: KA =ZM: MN, et circum angulos
aequales BKA, Z M N latera proportionalia sunt. itaque
BKAd~ZMN [VI, 6]. rursus quoniam BK:KT
=ZM: MO, et angulos aequales BKT, ZMO com-
prehendunt (quoniam quae pars est [ BKT quattuor
rectorum ad centrum K positorum, eadem®) pars est
L ZMO quattuor rectorum ad centrum M positorum),
erit BKT~ ZMO. rursus quoniam demonstrauimus
BK:KAd=ZM: MN, ¢¢ BK=KT, ZM = OM,
erit TK : KA = OM: MN. et latera aequales angulos
TKA, OMN (recti enim sunt) comprehendentia pro-
portionalia sunt. itaque 4KT~ NMO [VI, 6]. et
quoniam propter similitudinem triangulorum 4K B,
NMZ est AB:BK= NZ:ZM, et propter simili-
. tudinem BKT, ZMO triangulorum KB: BT = MZ

. 1) Nam polygona similia sunt et latera eorum numero
aequalia. Deletis uerbis Zmeidrjmee lin. 14 — ywwieg lin, 17
molestam anacoluthiam euitabimus et solitam orationis formam
efficiemus; nec sane iis opus est.

7.2y ZM)ZM V. 9. MN] corr. ex NM m. 1 P.
11. é¢z¢] om. V. ZMN] Z corr. ex B m. rec. P.
12. oy KT] KTV, 18. MO] O in ras. m. 2 B.  15. zz6-
sdeow] corr. ex 0 mg. m. 1 P, 16. ZMO] O in ras. m.
2 B. ~ 17. dnel — yawviag] om. q; mg. m. 2 B, 18, éo1/]
om. V. 20. =iy KA4] K4 B. 21, BK] K e corr. V.
KT]TKP. MOB. 22 7] (prius) om. P. 24, sloww]
om. V. dor{] om. V. 27. zijw] om. BV. ziv] om. BvVaq.

Enoclides, edd. Heiberg et Menge. IV. 14



10

16

20

25

210 ' ETOIXEIQN .f".

éotlv g 1) KB mpdg vy BT, otrwg 7 MZ mods
iy Z0, 80 iGov dga dg 1§ AB modg viw BT, otrws
7 NZ mobdg viw ZO. mdiw, émel 0 iy opoibryre
tov ATK, NOM tgiysvav éotlv g % AT medg
vy TK, otrwg ) NO molg tyv OM, O 0% viw
opoidryre vov TKB, OMZ voiycvev Zeviv ag 1
KT =mgdg vnv TB, otrmg 4 MO mgog vy OZ, oY
loov dge dg 9 AT medg tyw TB, otwwg 4 NO meds
iy OZ. 80ely®dn 0% nol dg 7 TB meog v B,
obrwg 1) OZ mgog miw ZN. 8. leov doe og 5 T4
npdg v AB, ottwg § ON meos =y NZ. tav
ATB, NOZ éga touydvev dvdloyiv e af mAsvgel
leoyavie Goa datl va ATB, NOZ volyove: dore xel
Suowe. xal mvgouls oo, g Pecig udv vo BKT rol-
yevov, xogupn 0% t0 A enusiov, duole éotl mvgauldt,
ng Pdag piv ©0 ZMO volywvov, xogupn 0% o N
anuslov: vmo pag Opolwv fmmidwv meouéyovrer 6wy
10 wiiPog. af 0% Opowr mvgapldeg xel roLyevovs
Spovoar Paceg v roumAadiov. Adpe elol Tav po-
Adywv mAévewv. 7 deaw BKTA mvgeuls mwedg wv
ZMON mnvgaulda voimdaclove Adyov &yst fmeo %
BK mpds v ZM. Opolwg Oy émifevyvivreg amo tév,
A4, X, 4, @, I', T émd ©6 K &0dslag nal dmd tav
E, =, @, P, H, IT éml vo M xal dwordvrsg ép
ExdoTov TAY TELYOVOY TVeauldas THY Ty %0QUPTY
égovees vois xdvoig Osifousv, Ove xal Eudorny vdv
oporay@y mugenldoy medg éxderyy ouorayi, mvgoulde
rouwdaciove Adyov e fimeg §§ BK Oudiopog misvow

1L zjp]l om. V. 2 mj» Z0) ZO BVq. 3. MZ B, et
V, sed corr. émel] om. P. 4, ATK] T supra m. 1 V.
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:ZO [VI def. 1], ex aequo erit 4B: BT = NZ:Z0
[V, 22]. rursus quoniam propter similitudinem triangu-
lorum 4TK, NOM est AT: TK= NO:0M, et
propter similitudinem TKB, OMZ triangulorum KT
tTB=MO:0Z, ex aequo erit AT: TB=NO:0Z.
demonstrauimus autem, esse etiam TB:BA=0Z:ZN.
ex aequo igitut erit T4: 4B=ON:NZ. itaque
triangulorum 4 TB, NOZ latera proportionalia sunt.
quare aequianguli sunt trianguli 4TB, NOZ [VI, 5].
itaque iidem similes sunt [VI def 1]. itaque etiam
pyramis, cuius basis est triangulus B K T, uertex autem
4 punctum, similis est pyramidi, cuius basis est
triangulus Z MO, uertex autem N punctum; nam pla-
nis similibus comprehenduntur numero aequalibus [XI
def. 9]. similes autem pyramides, quae triangulas
habent bases, in triplicata sunt ratione laterum cor-
respondentium [prop. VIII]. itaque erit
BKTA:ZMON = BK3:ZM?.

iam ductis rectis ab 4, X, 4, @, I, T ad K et ab
E, X, ©, P, H, IT ad M et in singulis triangulis
erectis pyramidibus eosdem uertices habentibus, quos
coni, similiter demonstrabimus, etiam singulas pyra-
mides eiusdem ordinis ad singulas pyramides einsdem
‘ordinis eam rationem habere quam BK3:ZMS3, h, e.

6. OMZ] Z corr. ex N m. rec. P. 7. KT] K in ras. m.
2B, 8. 4T]inras. Vi dcorr.ex 4m. 2B. 9. =iy BA] B4
V. 10. zjv] om. Vq. 12. ATB] litt. 4 non liquet in P.
14. &go] alt. @ o corr. V. pév dom Bq. 19. Paceis éyovoet
d. slov PB. 23, A] postea ins, m. 1 P. = 24. 8¢  End-
otov] #x{ Theon (BVq). 25. Tag avreg wmogvpas Theon
(BVq). 28, dpdloyoy mlsveay P, corr. m. 1.
14 %
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weog i ZM opddoyov mhsvgdv, TovTéeTiv 7imEQ %
B4 mgdg ©iv ZO. xal dg v tadv fyovudveov meig
¥ vov Smopdvav, olrmg Gmavie ta fyovusve modg
dmavre e Smdusve: Sovwv doo xol a§g it BKTA mv-
5 gouls arpt‘)g v ZMON mvoapide, ottog 4 6y mv--
gay,t,’g, ng Pdcig 10 ATBYI'®AX n'olvyawov, xogugy
0% 70 A onpsiov, meds T Finy :rwpamda, 78 ﬁamg
piv ©0 EOZINTHPOX molbywvov, xoguey 0% ©o N
onusiov: Govexal mvgauls, ng feeigudty 16 ATBTT®AX,
10 xogupy 0% 10 A, medg Ty mvgaulde, g Pdowg [uiv]
70 EOZITHPOZX moivywvov, xogupy 0% w6 N o1
ustov, toiwdaclove Adyov Eye yimsg 1) B modg vy
ZO. vméxear 0 xal O xdvog, ov Pdeig [udv] o
ABI'd x¥xdog, xooupy 0% to A enustov, metg 0 &
15 61s0e0v ToumAaclove Adyov Eyev iimep 7 BA mols
iy 20" fonwv dga dg 6 xdvog, ov facig uly fomy
0 ABI'A xvxiog, xopupy 0% 0 A, mgos v & ove-
0&6w, oUtwg 1) mugauis, fg feis utv 6o ATBTI®AX
[roivywvov], xogupy 0% 70 A, medg TV mveaulde,
20 7g Pdaig pév éove v6 EOZIIHPOX moivyavov, xo-
ovpy 0 ¢ N évaddek oo, dg 6 xdvog, ob Pdeis
ptv 6 ABI'A xvxiog, xogupn 0% 16 A, meds v &v
adre mugauide, g ﬁdo‘zg y,é'u 70 ATBTI'®A4X no-
}.vymvov, uogvtpn 0% ©o0 A, otrwg 70 [E [ovegedv] modg
25 vy wvgaplde, 1g Pdeg udv dov. vd EOZITHPOZ
moAvyevov, xogupn 0% ©0 N. uslfov 0% & elgyuévog
xOVOG zﬁg & avrd azvgam'dog Sumegiéyet y&g avTy.
ueitov &oe xol 70 5 o'tsgeov ijg mveeuldog, ng Pooig

2. zjv] om. Bq.  wel] diA” BVq. 4, doe] 8¢ V.
8. pév doue Bq. 10. 4 onueioy V., 1:177] om, V, pév]
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BA®:Z@% et ut unum praecedentium ad unum se-
quentium, ita omnia praecedentia ad omnia sequentia
[V, 12]. est igitur ut BKTA4: ZMON, ita tota py-
ramis, cuius basis est polygonum ATBITI'PAX,
uertex autem 4 punctum, ad totam pyramidem, cuius’
basis est polygonum EOQOZITHP®ZX, uertex autem N
punctum. quaie etiam pyramis, cuius basis est
ATBYI'®P AX, uertex antem 4, ad pyramidem, cuius
basis est polygonum EOZIIHP®ZX, uertex autem N
punctum, eam rationem habet quam B.4%: Z®% sup-
posuimus autem, etiam conum, cuius basis sit circulus
ABI'A4, uertex autem A punctum, ad & solidum eam
rationem habere quam BA®: Z®° itaque ut conus,
cuius basis est 4 BI'A circulus, uertex autem A, ad
E solidum, ita pyramis, cuius basis est A TBYI'PAX,
vertex autem 4, ad pyramidem, cuius basis est
EOZIIHP®ZX polygonum, uertex autem N. permu-
tando igitur [V, 16], ut conus, cuius basis est 4BI'4
circulus, uertex autem 4, ad pyramidem suam, cuius
basis est polygonum 4 TBYI'®AX, uertex autem A,
ita & ad pyramidem, cuius basis est polygonum
EOZIIHP®ZX, uertex autem N. uerum conus, quem
diximus, maior est pyramide sua; nam eam continet.
itaque etiam 5 solidum maius est pyramide, cuius

om. P. 11. Litt. IIH e corr. V. onusioy — 21. 7o N]
mg. m. 2 B. 13, pév] om. P, 14, onpsiov] om. Bq.

15. Zyov] o in ras. P, &ov q. 16. foriv] om. V.

17. 4 enusiov V. 19. woldywrov] om. P. 22, pév, éaniy
Bq. 4 onpeiov V.  238. mveapldog V. 24. grssoy] m.
rec. P. 28. 5] Z q?
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uéy éove ©0 EOZIIHPO X noivyavov, xoguepy 0% 10
N. dide xol lavvov: Gmeg éovly ddvvarov. odx dow
6 wdvog, 0¥ Pdoig 6 ABI'A xixiog, xoguey 0F =l
A [equstov], meds Elarrdy 71 tov xdvov Grsesdy, ov

6 faaig ptv 6 EZHGO wvxiog, xoguey 0 ©0 N onusiov,
rowwhaolove Adyov &yt iimsp 4 BA modg tqy Z6.
buolwg 07 OetEousv, 01t 0902 6 EZHON nivog molg
Elortdv T 0¥ ABI'AA xdvov oreeedv toimiedlove
Adyov Eya fimep q ZO modg iy BA.

10  Aépw 01, 0tr 0008 0 ABI'AA xdvog moog peilov .
7o 00 EZH® N xavov 6tegedv toimlaalove Adyov &ys
nimeg 9 Bd moog iy Z6.

. Ei poo Ovvardv, ééto meog usitov ro 5 dvd-
wodw &ou o [B orspedv medg vov ABIAA ucvov

16 voumAaslove Adyov &yer imee 7 ZO® mpdg Ty BA.
g 0% 70 5 orspeoy medg ©o0v ABI'AA xivov, otrag
6 EZHON xovog mpog EAertdv tv 100 ABI'AA nob-
vov orepsév. xel 6 EZHON dgo xdvog mgog Edar-
tév © tov ABIAA xévov etegeov roiwhaslova Ad-

20 pov éys. fimeo % ZO mgog vy BA* Smse advvarov
80slydy. ovx doa 6 ABI'AA xdvog medg ueifov w
tov EZHON xcdvov aregedv toimiaclove Adyov Eys
#imeg 1 BA medg vy 2O. 0elydn 0F, Srs 0v0E mog
Blarzov. 6 ABI'AA &g xdvog medg vov EZHON

26 x@vov ToiwAedlove Abyov Eye fimeg 3 BA modg tiy Z 6.

Qg 0% 6 xdVog mWdg TOV xDBVOV, 6 XVAWAQOG WYOS
Tov xVAwdoov” TeumAdeiog pag 6 xUAwdgog TOD xe-
vov 6 éml vig adris Prosws TH xwve xal looTdig

1. donv P. , 2] ins. m. 1 P. 2. éldrrav B. omee
&vomov V. 3. Pucig pév oriv & Theon (BVq). 4. onpeiov]
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basis est polygonum EOZITHP®ZX, uertex autem N.
uerum idem minus est; quod fieri non potest. itaque
conus, cuius basis est circulus 4BI'4, uertex autem
4, ad solidum minus eono, cuius basis est circulus
EZH®, uertex autem N punctum, eam rationem non
habet quam B4®:Z®3 iam similiter demonstrabi-
mus, ne EZHON quidem conum ad solidum minus
cono 4BI'4A4 eam rationem habere quam Z@®%: B45%

iam dico, conum ABI'JA4 ne ad maius quidem
cono EZH®N solidum eam rationem habere quam
B43: 268

nam si fieri potest, habeat ad maius 5 e con-
trario igitur [V, 7 coroll] 5: ABI'dAd = Z®°: B4,
verum ut 5 solidum ad conum ABI'A4, ita conus
EZHON ad solidum minus cono 4BI'AA4 [prop. 11
lemma]. itaque etiam conus EZHON ad solidum
minus cono 4BI'44 eam rationem habet quam Z@®
: BA43%; quod fieri non posse demonstrauimus. itaque
conus A BI'44 ad solidum maius cono EZH®N eam
rationem non habet quam BA®:Z@®3 demonstraui-
mus autem, eum ne ad minus quidem hanc rationem
habere. ergo 4BI'dA4d:EZHOGN = BA4®: Z@%,

sed ut conus ad conum, ita cylindrus ad cylindrum;
nam cylindrus, qui in eadem basi et sub eadem alti-
tudine est ac conus, triplo maior est cono [prop. X].

om. P.  #laceéy BY. 5. EZHO] HO in ras. m. 2 B.
7. 67e 090¢] bis P, corr. m, 1. 8. #leceéy BVq. 9.9] ins. V.
10. 4] om. B. 046’ V, 16. 4BI'dq, et B, corr. m. 2.

odtwg xel . obrws — 17. #dvog] mg. m. 2 B.  17. #lacaoy
BVq. ABIr4B. 18, xal 6 — 19. gregsév] mg. m. 2 V.
18. flaceéy BVq. 19. ABI'd q. teumhdoiov V.  22. ové-
¢z6v] supra V. = 24, #leosov BY. ¢ deax ABLA4 V.

21. zoimhdoiog — 216, 1. adrg) om, q, mg. m. 2 B.
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avrd. xel 6 xVAwdgos &g weog TOV xkVAwdgov ToL-
ndaclova Adyov e imeg 1 BA modg v Z6.

Ol &g Suotor x@vor xal xvAvdgor meog aAdfhovs
év toumdaclove Adyp &lol tdy év vais foeeor Ouops-
Towv* Omep &0e Osifar.

: (7

‘Exv xVAvdgog émmédo tundj magaiifie
8vrL rols amsvavriov émimédoig, #6raL wg o
#V0Aivdgog wedg Tov xVAwdeov, ovtwg 6 dEwv
weog TOv dtove.

Kvlwdgog yag 6 A émnédp vq¢ HO verprjode
mwogadljio Svee tolg dmevevtiov émmédows toig AB,
I'd, xal evuporiéro té GEove v6 HO énimedov xavd
76 K enuelov’ idpw, ot éotlv dg 6 BH xviwdgog
woog tov HA nviwdgov, otrwg 6 EK &Ewv meds vov
KZ &tove.

Exfefinedo poo 6 EZ dkav ép’ indreoe to udon
énl va A, M onucie, xol éxelodocay v EK dEovt
looc 660tdnmorovy of EN, NA, té 0% ZK loow 66or-
oymorvotv of Z\5, M, xel voslofaw 6 émdl tot AM
&Eovos uVAwdgog 6 OX, ov PBdeeig of OIT, BX xv-
xdot. xal éufefinede Owx tdy N, 5 onpelov énl-
w0 mageidnle voiy AB, I'd xal tais fdceor Tob
OX xvitvdgov xal moislrweay vovg PE, TT xvxiovs
wegl v& N, 5 xévvoe. xol émsl of AN, NE, EK

1. Post adzg add. Theon: édefy®n yao (supra V) ndg (haec
tria umocab. gt in’ tgxtu et mg. m. 2 B) udvog #vilvdoov Toltov
péeog Tod Ty atmiy P Fyovros adrd nal Jyog fsov (BVq).

6]Vom. P, 4 sloiv PB. ~ pdosoivP.  &. Gmsg 8er deifur)
am. V. 6. ¢y'] om. q. 13. ovpfelézw P. 9] vd EZ
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itaque etiam cylindrus ad cylindrum eam rationem
habet quam BA3:Z&3,

Ergo similes coni et cylindri triplicatam inter se
rationem habent quam diametri basium; quod erat
demonstrandum.

XIII.

Si cylindrus plano planis oppositis parallelo se-
catur, erit ut cylindrus ad cylindrum, ita axis ad axem.

Nam cylindrus 44 plano H® planis oppositis
AB, I'4 parallelo secetur, et planum H® cum axe in
puncto K concurrat. dico, esse

BH:HA=EK:KZ,

producatur enim axis EZ ad utramque partem ad
puncta 4, M, et ponantur axi EK aequales quotlibet
rectae EN, N4, axi
autem ZK aequales
quotlibet rectae ZJE,
HEM, et OX fingatur
cylindrus in axe 4M,
cuius bases sunt circuli OII, ®X. et per puncta
N, & plana planis 4B, I'4 et basibus cylindri 0X
parallela ducantur et circulos PX, TP circum centra
N, & efficiant. et quoniam axes 4N, NE, EK inter

Theon (BVq). t0 HO #mimedov] om. Theon (BVq).

18. xeloBwoev q. 20. nel — 21. xoxlot] om. Theon (BVq).
22, éufspliodw] dujzdw Theon (BVq). N, 5] 4, N,

&, M Theon (BVq). 28. zaig fdcect — 26. uéwgag vevorj-

ofocay v vois Si 1y A, N, 5, M dmmidog megl névren

e 4, N, B, M, wbndoi of OII, PZ, TT, ®X iso 10ic AB, I'd.

nal vevorjcdwooy uvliwdeor of IIP, PB, 4T, TX Theon (BVq).
28, facesiy P, 26, ol AN] mg. m. 1 V.
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dkoveg loov slolv ddisjloig, of dga IIP, PB, BH xv-

Awdgor meog dAddjlovg eloly dg af Bdoeg. idar 0F

slow af Pdeeg” loor age xal of ITP, PB, BH xv-

Awdgos dAlrjdowg. émel ovw of AN, NE, EK &fovsg
5 iGos elolv aAifdois, elel 0% xol of IIP, PB, BH xv-
Awdpor l6or dlinioig, xel ovw leov ©0 mAjdog v
aljdsa, boamdeeiov doe 6 KA &kwv vot EK #fovos,
rocavrandaciov éover xel 6 ITH wviwdgog rot HB
wvilvdgov. Oie T& avta 07 xel SGamAaclov dotly 6
MK é&tov vov KZ &fovog, tocevramiaciov ferl xel
6 XH xvlwdgog vov Hd wvlivdgov. xal &l pdv l6og
éotlv 6 KA &kwv v KM &kowe, leog Eoten xal 6
ITH wdwdgog ¢ HX xvidvdew, & 0F uellov o
dtov tov &fovog, pelfov xel & xvAwdgos Tov wv-
15 Alvdgov, xal &l élddcwv, éldeeny. tsoadgmy 01 we-
yeddv Svrov, afdvev udv vév EK, KZ, xvilvdoay
0 vov BH, HA, silymzoaw lodug moAlamAdaia, Tov
utv EK &Eovog nal tov BH xvAlvdgov § ve 4K
kv wal 6 ITH xvAwdgog, tot 0% KZ &fovog xul
t00 HA xvilvdgov 6 vé KM &wv xal o HX wviw-
doog, xel 0ddsiuvor, Ore & vmegéyer 6 KA &fwv tov
KM &tovog, vmeoéyer nel 6 ITH wvlivdgog tov HX
xvilvdgov, nal & idog, l6og, xal & éldacmy, Sldocav.
oty doa og 6 EK dtwv molg vov KZ dfove, otros
6 BH x6Mvdgos meog ©ov HA xviwdgov' Gmep 0

detkar.

10

20

26
T8

Ol énl lowv fdesov Ovres xdvor xal xU-
Atvdgor medg aliflovg elelv dg ta VY.

1. of &ee] neid of P. 4. dllslog] om. V. 0%¥] od¥
»al P, 5. &lotv] om. V. &lol] elatv B. 6. wlijdog Tov.
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se aequales sunt, cylindri ITP, PB, BH eam inter se
rationem habent quam bases [prop. XI]. uerum bases
inter se aequales sunt; quare etiam JIP— PB==BH.
iam quoniam axes 4N, NE, EK inter se aequales '
sunt, et etiam cylindri I7P, PB, B H inter se aequales,
et multitudo multitudini aequalis est, quoties multiplex
est axis KA axis EK, toties erit etiam cylindrus
ITH cylindri HB multiplex. eadem de causa quoties
axis MK multiplex est axis K Z, toties etiam eylindrus
XH multiplex est cylindri HA. et si K4 = KM,
erit etiam ITH = HX, sin axis axe maior est, efiam
cylindrus cylindro maior est, sin minor est, minor.
iam datis quattuor magnitudinibus, axibus EX, KZ
et cylindris BH, Hd, aeque multiplicia sumpta sunt,
axis EK et BH cylindri axis 4K et cylindrus ITH,
axis autem KZ et HA cylindri axis KM et cylindrus
HX, et demonstrauimus, si K4 > KM, esse etiam.
ITH> HX, sin KA = KM, esse IIH= HX, sin
KA< KM, esse IH< HX. itaque EK: KZ = BH
: H4 [V def. 5]; quod erat demonstrandum.

XIV.

Coni et cylindri, qui aequales bases habent, eam
inter se rationem habent quam altitudines.

AN (4 e corr. m. 2 B), NE, EK t6 whijde zév ITP, PB,
BH Theon (BVq). 7. doa doziv Baq. KA] AK P.
EK] KEP, 8 HB] BH Va. 9. éetty] dotl ual q.

10. forar V. 12, fovon] dorl V. 14, KA &Ewv tov KM
&Eovog Theon (BVq). IIH mflwé‘gog tod HX wvilvdgov
Theon (BVq). 15. Ante &% del. ydo m. 1 P. Svraw

peysdéy V. 17. molMamldeiog V.  20. 6 HX] % X q.
21. 4K P. 28. loog éotlv, lcog P.
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"Eerweay yag énl lov Bdeswv tdv AB, I'd xv-
xAov xviwdgor of EB, ZA* iéyw, Om fotly a59 0
EB xvi.w&gog weog tov ZA xvlwdgo'u, otremg 6 HO

" dEwv medg Tov KA agova

=8

10

15

20

25

"Exfepinodo yeg 6 KA &Eov énl vo N onusiov,
xal xslo®o vy HO GEove lgog 6 AN, xal megl dfove
oy AN wlwdgog vevorjedeo 6 I'M. émel ovv of
EB, I'M wbiwdgor vmd ©6 avrd Upog &lolv, modg
aAAfiovg slotv og af Pdosig. oo OF sloww al Pdosig
aldjhaeg: loov &g elol xol ol EB, I'M xvAwdpot.
nol émel xvAwdgog 6 ZM émméde vévpyron e I'd
wagaiiiio Gvee volg dwevavriov émimédowg, éovwv doa
og 6 I'M xvdwdgog meds tov ZA wvlwdoov, olrmg
0 AN &Ewv mpds vov KA dkove. leog 0¢ éetww 6
udv I'M nblwdoog 6 EB wvilvdow, 6 08 AN éav
6 HO &kove: ¥orwv Ggo og 6 EB xvidwdgog meos
1ov ZA xviwdgov, otrwg 6 HO &Ewov mpdg tov KA
dkove. g 0t 6 EB xviiwvdgog moog tov ZA xviw-
doov, otrwg 0 ABH xdvog mpog vov I'dK xdvov.
xal og dga 0 HO dEov meos tov KA &fove, oviws
6 ABH xdvog medg tov I'dK xdvov xel 6 EB xv-
Awdgos moog tov ZA wbAwdgov* Omsp #0s Osibar.

g’

Tév lewv xdvov xal xvilvdomy dvrimemiy-
daciv ol Baoeig vois UYe6iy xal dv xdvov xal
xvAlvdoov dvtimendvdadiv el fdeeig volg Dps-
61y, [Goe elaly éxeivou.

1. mmi.mv] om. Theon (BVq). 2. Z4, EB BVq (Z in
V supra scr. m. 1), 5. KA] Kins. m. 1 V, 7d] corr. ex
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Nam cylindri EB, Z 4 aequales bases habeant cir-
culos 4B, I'd. dico, esse EB:ZA4 = H®: KA.

axis enim KA ad N punctum producatur, et po-
natur 4N = H®, et circum axem 4N fingatur cy-
lindrus I'M. iam quoniam ecylindri EB, I'M eandem
altitudinem habent, eam inter se rationem habent

quam bases [prop. XI]. uerum bases inter se aequales
sunt. itaque etiam EB = I'M. et quoniam cylindrus
ZM plano I'd planis oppositis parallelo sectus est,
erit [prop. XIII1 I'M: ZAd = AN: KA. sed ’'M=ERB,
AN =H®. itaque EB:ZA4=H®:KA4. uerum’
EB:Z4= ABH:TI'4K [prop. X]. ergo erit
HO®:KA= ABH:I'dK = EB:Z4,
quod erat demonstrandum.

XV.

Aequalium conorum et cylindrorum bases in con-
traria ratione sunt atque altitudines; et quorum cono-
rum et cylindrorum bases in contraria ratione sunt
atque altitudines, ii aequales sunt.

zov P, 7. évvonedo P. 8. &l codd. 10. elo/v PB.
. EB] eras. V. wvliwdgor didfjlog Baq. 11. émmédo
zwl V. 19. Post ndvov add. Theon: zoumiddeior yae o[”m:-
Jwdoor Tév naver (BVq). 25. vysoL q. nol — 26, vps-
6w] mg. m. 1V,
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"Eovaday 6ot xdvor xal wdwdgor, av fhesg uty
of AB'4, EZH® xvxioir, didustgor 0% avrdy of
AT, EH, &koves 0t of KA, MN, olwves xel Tyy
&lel Ty xdvev 1 xwiivdewv, xal evumeningdedwcey
of A5, EO xVAwdgot. Adyw, 81t vov A5, EO xv-
Avdoov dvuimemovdacw of Pdesig voig Uypeoiw, xol
éoriv &g ) ABI'A fdeig meds vy EZH@ Bacw,
oftwg 10 MN Uypog medg 70 KA Upog. .

To yag AK tpog td MN Tpe 1wor loov éoriy
7 ob. &6rw medregov loov. Eore 0} mel 6 AF xv-
Awwdgog v EO xvilvdgm leog. of 0% Omd ©é avmd
OYog Svreg n@vor xel xvAwdgor medg &Adjlovs slely
og af Poesg lon doo nal 7 ABI'A Bdaw; vij EZHO
Paes. dorvs xel avnimémovdev, og ) ABI'A Bdoig
moog vy EZHO Bdew, otrwg 16 MN Tpog medg 70
K4 tyog. ddde 0 un éotw o AK vyog v9 MN
loov, ald’ ¥erw psitov ©6 MN, xal appenedo amd
o0 MN vyovg t6 KA ieov ©o IIN, xal e vod IT
onuslov zerpnedn 6 EO xvlwdgog éminédp tp TTX
nogadifjio voig tév EZHO, PO wxiov mwédos,
xal dwd Pdeewg ptv rov EZHO xvxiov, Upovg 02
o0 NII x0Adwdgog vevonede 6 EX. xal el loog
dotlv 6 AF udiwdgog vd EO xviivdow, Fovwv dge
&g 0 AE xvAwdgog medg tov EX nvlwwdgov, ovtwg
6 EO xblwdgos mgog tov EX xviwdgov. &Al og
ptv 6 AJE xviwdgog medg tov EX xviwwdgov, ovtag

”

1. Bdaig q. 3. 0¢] om. q. D] corr. ex Typse V.

4. xel{ — 5. x¥lwdgor] punctis del. \? 6. vyzor V.

#af] zovzéerww 8z Theon (BVq). 7. fecig] corr. ex
Beéosic m. 1 P, 8 AK.Bq. 9. KA P. 10. Zeuw P.
11. iméJ corr, ex awng m. rec. P. 16. k4] AKX B; supra
eras, " "V, wij] supra ser. m, 1 V. AK] K4 P.
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Sint aequales coni et cylindri, quorum bases sint
circuli 4BI'd, EZH®, diametri autem eorum AT
EH, axes autem KA, MN, qui iidem altifudines sunt
conorum uel cylindrorum, et expleantur cylindri 4,5, EO.
dico, cylindrorum 4,5, EO bases in contraria ratione esse
atque altitudines, et esse ABI'd : EZHO = MN : KA.

nam altitudo 4K aut aequalis est altitudini MN
aut non aequalis. prius sit aequalis. uerum etiam
AZF = EO. coni autem et cylindri, qui eandem ha-
bent altitudinem, eam inter se rationem habent quam
bases [prop. XI]. itaque etiam 4BI'd = EZH®.
quare etiam in contraria ratione est 4BI'4: EZH®
= MN:KAd iam uero ne sit 4K = MN, sed sit
MN> 4K, et ab altitudine M N altitudini K4 aequalis
abscindatur IIN, et per II punctum cylindrus EO

A/'E’! 0 z H
A==

plano TTX planis circulorum EZH®, PO parallelo
secetur, et cylindrus fingatur EX basim habens cir-
culum EZHG®, altitudinem autem NII, et quoniam
Af =EO, erit 45 : EX = EO:EX [V, 7]. uerum

A0

17. vef — 18. JIN] P, B mg. m. 2, V (6 corr. ex ©d, 70 ex
t¢ m. 2; IIM pro IIN, sed M e corr. m. 2); ol nslo®o 6
AK Bypze l6ov 76 IIM B in textu, q (vé ITH pro =6 IIM), V
in textu post xal d@yerofw — w6 IIM, sed punctis del.

19. EQ] O in ras. m. 2 B. TTXZ] T eras. P. 20. wag-
aldide vt tois dmevevtlov émimédors tdv EZHO, PO ui-
stov. nel Theon (BVaq). 22. IIN P, MII corr. ex NII m.
2 V. 23. Post #vivdop add. &ilog 0é g 6 EX xdlwdgos

Vq, B mg. m. 2
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2 ABI'A Bdacig weds vy EZH®* $md pao td aird
tpog eloly of A%, EX xvlwdgor® og 0% 6 EO xv-
Awdgog 7@ds tov EX, ovrwmg t6 MN vyog modg 0
IIN Tgog* 0 yee EO xViwdgos émméde vévunren
nogedifle Svie Tolg dmevavriov émimédois. Eovw dou
xol og 9 ABI'A fdog mgos tyy EZH® Pdow,
ovtwg 10 MN vUog medg ©0 IIN Upog. iGov 0% 70
IIN dpog v9 KA Oper Sovww dgo dg 7§ ABI4
Peag mpos vyv EZH® fdow, ottwg 70 MN thpog
npog ©0 KA Vyog. wdv Hga AE, EO xviivdomy
avumendvdacy of fdoeig Toig Upeow.

Al 01 tdv AF, EO wvilvdewv dvrimemovdié-
today of Pdesig ol Uypeow, xol Eotw o 7 ABI4
Becig modg vy EZH® fdeww, otrwg 0 MN Tios
noos ©0 KA tpog Adpem, Gt leog doriv & A5 wvdw-
dgog t3 EO nvilvdgp. '

Ty pog avtédv xeracxsvacdéviov émsl dotw og
5 ABI'A fdéig mos tqy EZHO Pdow, ovrag 70
MN tyog modg ©0 KA Dpog, leov 0% 10 KA tipog
v IIN Oper, éovwv Goo @g ) ABI'A fdaig mgog
v EZHO Bdew, ovrws ©( MN tipog medg o IIN
tpog. @AX &g utv §) ABL'A Bdeig moog vy EZHO
piov, otrwg 6 AF xbAwdeog meds tov EX xviiv-
doov: UmO pap 1O avrd UPog elolv: ag -0k vd6 MN
vpog wedg 0 IIN [Uyog]l, ovrwg 6 EO xvlwdgog
mpog vov EX xvAwldgov' ferv dpo og 6 AFE xviw-

1. EZH® pdow BV, 3. EZ wdliwdgov V. 4. IIM B,
MIIV.  Post émnédep add. vé6 TZ P m. 8 e corr.; eadem
uerba post tézunree hab. V et m. 2 B. 6. xe/] om. BVaq.

fooig] Poow, sed corr. m. 1, P. 7. IMBV. zd] supra
add. o V. 8 IIM BV. 9. fdaw] om. BVq. 12, dile
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AZ:EX = ABI'A: EZHO (nam eandem altitudinem
habent cylindri 45, EX) [prop. XI], et EO: EX
= MN:IIN; nam cylindrus EO plano planis oppo-
sitis parallelo sectus est [prop. XIII]. itaque 4BI'A
tEZH® = MN : IIN. uverum IIN = K 4. erit igitur
ABI'4: EZH® = MN: KA. ergo cylindrorum 45,
EO bases in contraria ratione sunt atque altitudines.

Tam uero cylindrorum 4,5, EO bases in contraria
ratione sint atque altitudines, et sit 4BI'4: EZH®
= MN: KA. dico, esse 4,5 = EO.

pam iisdem comparatis quoniam est 4BI'4:EZH®
= MN:Kd4, et KA=—IIN, erit 4BI'4: EZH®
= MN:IIN. uveruim ABI'A:EZH® = A45:EX
(nam eandem habent altitudinem) [prop. XI], et
MN:IIN = EO: EX [prop. XIII]. est igitur 45

— 18.3yseiv] mg. m. 2 B. 13. Spsor BVq. 20. IIM/BV.
21, IIM corr. ex IIN V. 25. ITM corr. ex IIN V.

f;f,os om. P. EO] E in ras. m. 1 P. 26. @g] supra m.

Bue)gq A
®8, edd, Heiberg et Menge. IV, 10
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doog meds tov EX xvlwdgov, otrag 6 EO xbiwdgog
medg tov EX. loog doa 6 AF xbiwdgog v EO xv-
Avdow. deavTRg 0% xal énl THY xdvev: Gmse 0w
dstkou.

’

. 5.

dvo xvxiev mepl t0 adrd %évrgov Sviev

elg Tov peilova xvxiov moAvywvov L6dmAsvoly

ve xal agridmievoov éyyodar p1y Yavov vov
dladGovoe xvxiov.

"Ecrweer of dodévreg 0vo wixdor of ABI'A4,
EZHO mepl to avrd xévrgov ©6 K- dsi 01 &l wov
peltove xvxdov vov ABI'A moldywvov (66mAsvgdy ve
noal dgridmievgov Eyyodyar iy pavov vov EZHO
xUKAov.

"Hydw yog 0we vov K xévigov evdsic § BKA,
nel dmd vov H onuelov tvf) BA s09ely m@ds odag
Hyoo 1§ HA xal dujydo éxl vo I 5 AT doe épdmrero
tot EZHO wvxlov. véuvovres 0 v BAA msoi-
péosiay Ol nal Ty Tulosoy adrig Olye xal Tovro
asl molovvreg xavedelpousy megupéosioy Elageove Tijg
Ad. lehslpdo, nal é6vw § Ad, xel and vov A énl
v BA xadevog 7y 4 AM xal dujyde émd o N,
xol émelevyPwcay af A4, AN loy dga éorlv § A4
tfj AN. xoal énsl magdiinidg devw %) AN v AT,
7. 08 AT épdmrerar tov EZH® xbudov, 1 AN doa

1, 6 EO] 8¢ in ras. m. rec. V. 2, wwifvdop] -o in ras,
V. _ 8. doadtog] dee in ras, m. rec. V.  Smeo 20st Seifar]
om. V. b5.:5'] om q. 6. xdulov] nvidwdowy q. névrowy
P, sed corr. 7. moldyavov] om. V.” 8. padeor? V, pevoy-
7og . 70¥] om. q.  10. of Jodévres] om. V.  12. wvnlov]
om. V.  ABI'4] BT eras. V. Dein add. xvxlov V.
molvyaviov q. )
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:EX = EO:EZX. ergo 4% = EO [V, 9]. et eodem
modo etiam in conis; quod erat demonstrandum.

XVI

Datis duobus circum idem centrum circulis in maio-
rem circulum polygonum aequilaterum, cuius latera
paria sunt numero, ita inscribere,
ut minorem circulum non tangat.

Sint dati duo cireuli 4BI'4,
EZH® circum idem centrum K.
oportet igitur in maiorem circulum
‘ABI'4 polygonum aequilaterum,
cuius latera paria sunt numero, ita

inseribere, ut circulum EZH® non tangat.
' ducatur enim per K centrum recta BKd, et ab
H puncto ad rectam B4 perpendicularis ducatur HA
et producatur ad I itaque AI" circulum EZH® con-
tingit [III, 16 coroll.]. iam si arcum BA44 in duas partes
aequales secuerimus et partem eius dimidiam in duas
partes aequales et hoc semper fecerimus, arcum arcu
A4 minorem relinquemus [X, 1]. relinquatur et sit
A4, et ab 4 ad BA perpendicularis ducatur 4M et
ad-N producatur, et ducantur 44, 4N. itaque A4
= 4N [III, 3. I, 4). et quoniam 4N rectae AI'
parallela est [I, 28], et 4I" circulum EZH® contingit,

13. p7f] in ras. m. 2 V. 15, BKA] fdoig in ras. m. rec. V.
17. H4] AH BV. »ol] lon in ras. m. rec. V.
20. moodwreg] -5 in ras. m. rec. V. 21. 44] 4B q.
A44] 4 e corr. m. 1 B. 22, AM] M e corr. m. 2 B.
28. AN] 4Z@, wed Z@ in ras. m. rec. V. fon] to- eras.
V. %4, AN] 4H q. 26, AT'] 4 in ras. m. rec. V.
15%*
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ovx dpdnrveron vot EZHO xvxdov' moAde dow ef A4,
AN oVx épdnrovrar vot EZHO xtxlov. éov 0% )
Ad e69sly loag nove v0 ovveyds évagudempsy &g Tov
ABI'A xvxdov, épyoagiieeras &lg vov ABIA xirdoy
noAvyovoy (60mAsvgdy & xal doridmisvgov wy Pavov
Tov édedovog xvxdov vot EZH®" Gmeg £t mouijoar.
148

dvo eputody mwepl 10 avTd xévTgov 0VGEY
glg v pellove opaloav Gregsdv molvedgov
dypoavar w1y Yavov tig éAdéeovog Gpalpas
xate Tv éXipdveLa,

Nevorjodocar dvo opaigar megl ©d adrd xsvrgov
70 A* 0l On &lg Ty pelfove epaipay Grsgeoy moAvedgoy
Syyodyar w1 Pavov vig éAdeeovog Gpalpng xave TV

16 émpdveay.

20

26

Tevwjodwoey af cpaipur émnéde vl due 10U
uévrgov® Egovrar O of topal uvxdoi, émedimeg ue-
vovons Tig Oauéroov xal TEQLPEQOREVOV TOD NULKY-
xAlov ylyvsro 1) epuign” dore xal xad’ olug dv Hé-
dcwg émvoremusy To RuixvxAov, To O’ avrot dpal-

Adusvov émimedov moujos énl tTijg émpaveleg TI§

dpaloag xvxiov. xel pavegdv, Ot xal uéyierov, émel-
Onfmeg 7 Oiducrog i Gpalpag, irig é6Ti xal TOU
nuixvxdlov Ovdperoog Oniady xal tov xvxiov, pelfov
dorl maddy TéY &l TOV xUxdov 1 Ty cpalpav Oe-
youfvaw [e09adv]. dotw ovv v udv T pelfove

1. of] % q. 2. xvulov] -xlov eras. V. 8¢ BV.
5. z¢] om. P. 6. tod] (alt) =é q. néorope. nal gevegdy,
8vu % amd o A nddevog dml tiy BA odu pdyerar tob évids
xdnlov mg, m. 1 P, 10, #dtrovos V. 11. megupépeLay
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AN circulum EZH® non contingit. multo igitur
magis 44, AN circalum EZH® non contingunt.
itaque si rectas rectae 44 aequales in circulum 4BI'A
continue aptauerimus [IV, 1], in circulum A4 BI'A
polygonum aequilaterum, cuius latera paria sunt nu-
mero, ita inscribemus, ut minorem circulum EZH®
non tangat; quod oportebat fieri

XVIL

Datis duabus sphaeris circum idem centrum positis
in majorem sphaeram solidum polyedrum ita inscribere,
ut minorem sphaeram secundum superficiem non tangat.

Fingantur duae sphaerae circum idem centrum 4.!)
oportet igitur in maiorem sphaeram solidum polyedrum
ita inscribere, ut minorem sphaeram secundum super-
ficiem non tangat.

secentur sphaerae plano aliquo per centrum po-
sito. sectiomes igitur circuli erunt, quoniam sphaera
orta est manente diametro et circumacto semicirculo
[XI def. 14]; quare in quacunque positione semi-
circulum finxerimus, planum per eum ductum sectio-
nem in superficie sphaerae efficiet circulum. et ad-
paret, etiam maximum ecirculum id effecturum esse,
quoniam diametrus sphaerae, quae eadem diametrus
est semicirculi et ipsius circuli, ut adparet, maior est
omnibus rectis, quae in circulo uel sphaera ducuntur

1) Figuram dedi ex P; in B rectn K2 omissa est. nouam
delineanit Peyrardus.

P; yo. émgavsiey supra m. rec. 19. éyéwero V (ante 7 ras.
1 litt. et accentus corr.). 28. oy P, 24, ue/]ine. m. 1V,
26. e0@adv] om. P.
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opaloe xvxdog 0 BIAE, év 0% tfj éhdedove opeloy
#Uxdog 6 ZHO, xol fjydwcay avradv dve Ouduergor
mpog bpdag dAMjiug af BA, T'E, xal Vo xvxiov
nepl ©0 avro xévrgov Svvwv vév BI'AE, ZHO &l
b5 Tov pelfove xvxdov vov BI'A E molvywvov ledmlevgov
xol agridmAsvgoy dpyepedpdm wy Yavov tod éAdeaovog
xUxdov T00 ZHO, ‘ob mhsvgal é6rweev év.vg BE
vevagrnuogip of BK, KA, AM, ME, xel émevydeion
7 KA dujydw éml 10 N, xel dvserdro amd tov A on-
10 pslov t¢ 700 BI'AE xbudov émnédp mgog d9das %

2. mi‘ulog] bis P, corr. m. 2. d70] om. q. 3. B4,
T'E] d et I'e corr. V; BT, 4E B. 6. ¢ nel V.

10. zé] om. q.
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(IIL, 15]. iam in maiore sphaera sit circulus BI'JE,
in minore autem circulus ZH®, et duae eorum dia-
metri inter se perpendiculares ducantur B4, I'E, et
datis duobus cirenlis circum idem centrum positis
BI'4E, ZHO in maiorem circulum BI'4 E polygonum

a4 Ir

aequilaterum, cuius latera paria sunt numero, ita in-
scribatur, ut minorem circulum Z H® non tangat
[prop. XVI], et latera eius in BE quarta parte cir-
culi sint BK, KA, AM, ME, et ducta KA producatur
ad N, et ab 4 puncto ad planum circuli BI'4E per-
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AE xal ovuPoldére tf] émpavele Tijg Gpaloug neve
©0 5, xal 0w vijg AF xoel énerépeas tdov BA, KN
émineda xuPePliodo’ moujeovee O O e elonuéve
éml i émipavelng tijg Gpalgas ueylerovs xvxlovs.
nowsltweoy, ov fumvxle Eorw énl tév Bd, KN
dwouéroov te BEA, KEN. xol émsl 4 FA bod]
dott mog 10 Tov BI'AE wvxhov émimedov, xel mdvia
doo vo O vijg BA énimedd doriv Op@a mdg 70 ToD
BI'4E xvxlov émimedov: wove xal o BEA, KEN
nuexvxdie bpdd ote meds v6 to0 BI'AE wvxlov émi-
nwedov. xol énel oo éotl va BEA, BEA, KEN qu-
wOxhia énl pag lewv elol diapérgov vov BA, KN*
loa éoti %ol ve BE, Bf, K5 vevaorquigie adifjlow.
Goor Goa elolv v t¢ BE tevagryuoglo misvgol tod
modvywvov, rodatrel elor xol év toig B E, K5 terag-
tquoglotg ioar taig BK, KA, AM, ME &0dclos.
éyyepodpdacey xel éorweav of BO, OII, I1P, PF,
Kz, ZT, T?, TE, xol énelevydocav af 20, TII,
TP, xel and v O, X énl ©0 7o BI'AE wvxiov
énimedov nddevor NPy mecovvraw 01 éml vag
xowag Touag tHv mmédov veg BA, KN, énsadnfneo
xel 1o ov BEA, KEN énimeda dpdd éove mgdg ©o
700 BI'AE xvxiov énimedov. mmrérweoy, xol éorwcey
af 0P, XX, nal énstevydo n XO. xal énsl év looig
NuxvxAlowg oty BEA, KEN iear ameldquuéver eloly
af BO, KX, xal xddevor fyudvar sloly af OD, XX,
oy [&oa] dotiv §) ptv OD 1} IX, v 0% BD v} KX.
Zovs 0% wal OAn 1) BA 8iy v} KA lon xel Aoy

8. motjsovey P, mworoder q. 5. forwoay BV q. 6. ©d)

corr. ex 6 B. 7. domwv B. 8, dp@d dore BVq. 10. dorwy
PB. BATE q. 11. detiv PB. KEN] om. P.
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pendicularis erigatur 45 et cum superficie sphaerae
concidat in 5, et per 4,5 et utramque B4, XN plana
ducantur. itaque propter ea, quae supra diximus, in
superficie sphaerae maximos circulos efficient. eos effi-
ciant, quorum semicirculi in diametris B4, KN sint,
BE A4, K&N. et quoniam 5 A4 ad planum circuli BI'JE
perpendicularis est, etiam omnia plana, quae per 54 du-
cuntur, ad planum circuli BI"4 E perpendicularia sunt
[XT,18]. quare etiam semicirculi BE4, K &N ad planum
circuli BI'4E .perpendiculares sunt. et quoniam semi- -
circuli BEA, BE A, K &N aequales sunt (nam in aequa-
libus sunt diametris B 4, K N)[III def. 1], etiam quartae
circulorum partes BE, BJE, KJ5 inter se aequales sunt.
itaque quot sunt in BE quarta parte latera polygoni,
totidem etiam in BE, K5 quartis partibus sunt rectis
BK, KA, AM, ME aequalia. inscribantur et sint
BO, OI1, ITP, PF et KX, ZT, TT, V5, et ducantur
20, TII, TP, et ab O, X ad planum circuli B[JE
perpendiculares ducantur. cadent igitur in communes
planorum sectiones B4, KN, quoniam etiam plana
circulorum BEA, KEN ad planum- circuli BI'4E
perpendicularia sunt [tum u. XTI def. 4]. cadant et
sint 0P, XX, et ducatur XP. et quoniam in aequa-
libus semicirculis BE 4, K5 N aequales abscisae sunt
BO, KX [III, 28], et perpendiculares ductae sunt
0, =X, erit 00 = XX, B® = KX [III, 217. I, 26].
uerum etiam B4 = K 4. itaque @4 == X 4. quare

13. Post BE eras. 4 P. Post B/F ras. 1 litt. P. K5
in ras, m, 1, dein del. N, P. 15. zooovta q.  elow PB.

21. nal émetdimze nelq. 24 X @) corr. ex $X m. 1V,
®X B. 27 doa] m. rec. P, XX] Z'e corr. V. 28. fory
B. K4]ecorr.m 2V,
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doe 7 DA Aownfj v XA éovwv lon' Eenv dga og 1
B® mgog mjyv A, ovrwg 1 KX mgog vy XA nee-
dAinlog dow éotlv ® X® v KB. =xoal émel énorége
oy 0D, TX 6o ot medg 16 ro BI'AE uixhov
énimedov, magaiiniog dou éoriv § OD v TX. &0elydn
0t avvfj xel loy* xel af XD, TO dgo ieon elol ol
moepdAdnlor. xal émel moapdiinddg éoriv ) X 1j
X0, aida 7 XD vff KB dov mugdiiniog, xod 1
20 dga vi] KB dove mapadinlog. xol émfsvpviovew
avrag of BO, KX 10 KBOX dga tevgdmisvgoy év
évl dovw dmmédp, émadimeg, v der dbo svdelm
mopddinior, ol ép’ Exarégas avriv Angdy tuydvre
onuete, 7 éml ve onusic Zmlevyvvudvy svdsin v 16
avrg émmido éovl valy mepadldjloig. O To avTe
0y nal Sudvegov vy ZOIIT, TIIPY verpamisvgny
v fvl éomwv émmédp. éore 0% wed to TP tolyovdy
v &l dmmédp. fov On vofjeopsy émd rev O, Z,
II, T, P, T oquelov énl o A émbevpvvuévag s0delos,
ovetadndetal TL Oyijue 6rseedv moivedgov perafy
rov BE, K5 megupeoaiddv éx mugauldov cvyxrsiuevov,
ov Pieag utv 1o« KBOX, ZOIIT, TIPY verpd-
mizvge xel T0 TPE volywvov, xogupn 0 o A on-
usiov. éov 0% xal énl éudorng tov KA, AM, ME
mAsvedy raddmeo énl vijg BK o adrd xaracxevdcousy
xod Ere éxl TV Aowdv TQLOY TeTagTnuogioy, GUGTH-
ofeerel o eyfjue wolvsdgov Eyyeyoopudvov &l vy
opaigay mvaulol meguexdusvov, dv fdesg [utv] T

1. = Aoumfj T4 Q. 2. B&] e corr. V m. 2. 4. oty

P. 6. zel] (alt.) om. g. 20] O eunan. P, elotv PB.

7. fotw] ~w in ras. V, om. q.° HX P, 8. X&] corr.
in X m. 1 V. 10. KBOX] BOKX V., 11. dow PB.
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B®:®A4A=KX:X4. itaque XP rectac KB paral-
lela est [VI, 2]. et quoniam utraque O®P, XX ad
planum circuli BI'4 E perpendicularis est, O® rectae
ZX parallela est [XI, 6]. demonstrauimus autem,
esse etiam O®P = XX, quare etiam rectae X®, X0
aequales sunt et parallelae [I, 33]. et quoniam X&
rectae 2O parallela est, eadem autem X @ rectae KB
parallela, etiam X O rectae KB parallela est [I, 30].
et eas iungunt BO, K X, itaque quadrilaterum KBOX
in uno plano positum est, quoniam, si datis duabus
rectis parallelis in utraque sumuntur quaelibet puncta,
recta ad puncta ducta in eodem plano est ac paral-
lelae [XI, 7]. eadem de causa etiam utrumque quadri-
laterum XOIIT, TIIPY in uno est plano. uerum
etiam triangulus PP in uno plano est [XI, 2]. iam
si a punctis 0, X, IT, T, P, T ad A rectas finxerimus
ductas, figura quaedam solida polyedra inter arcus
BE, K& construetur ex pyramidibus composita, qua-
rum bases sunt quadrilatera K BOX, ZOIIT, TIIPT
et triangulus TPE, uertex autem A4 punctum. et si
etiam in singulis lateribus KX 4, 4 M, ME eadem com-
parauerimus, quae in BK, et praeterea in reliquis
tribus quartis circuli partibus eadem, figura quaedam
pelyedra construetur in sphaera inscripta ex pyra-
midibus composita, quarum bases sunt quadrilatera,

14, dotlv B. 15. éndzsoe BV. 16. émmédo éotiv q.

Zorv B, 21. fdeig BVq. IITPT q. - 22 Tév q.

=P P, corr. m. 1. zoiydwov q. 24. xarocnsvaoopey

e corr. m, 1 q. 25. Post reragrnuoelwy add. Theon: xai

éml Tov Aowmov nuiegperolov (BVq). 26. oyfipe] cxfipe ore-

oedy V. evyysyoopuévoy P, 27. avoauloww P, éx mvoa-
pidoy BVq.  ovynelpewoy BV.  pév] om. BVgq.
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elonuéve tevodmisvgn xal 6 TPE volyovor xel e

ouorayij avvoig, xogupy 0t ©o A enusiov.
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Aéyw, Sri to slonuévov molvedgov odx Spdipera
77jg é}.oiao'o'vog opalgug xard T émedvaay, i N8
doriv 6 ZHO winlog.

"Hy8w dmd vov A oquslov éﬂl 70 vov KBOZX
nrgmtlwgov énimedov xadsvog 7 AW xel cvufel-
Adro ve émiméde neve vo W onusiov, xel dmefevydo-
oov of WB, K. xal émel 7 AW 6991 éore mog
70 vo0 KBOX revgamiedgov émimedov, el moog md-
oag Gpo Tog amtouéveg avrig eVdelug wel or’;’o‘ag év
TH oD nrgan:levgov éminédp 090 deviv. 7 AV
dou So81 dame :rrgog énotépoy TV B‘P‘ TK., xol
énsl loy oty n 4B v} AK, leov ovi xad T dmd
tiig AB v amé vijg AK. xal ot ve udv amd vig
AB ioa ve and tov AY, ¥B' Jody pro 7 mels
t$ ¥ v 0% and vijg AK loe ve amd vév AW, PK.
te boe amd rov AW, WB loa éo6tl tolg amd THV
AW, TK. nowdv dgppenede ©o éxd tig AT Aot-
wov Gpa T0 Gmd vijg BW Aomg ti amd i TK
leoy éativ: oy doa 7 BY o} WK. Obpolwmg 0% det-
topev, 8re xal af dmo tov ¥ énl va O, X émibsvyvu-
pevon svdelar loer eloly éxarége Ty BY, WK, 0
doa x8vte@ t6 ¥ xol dwaerijuare évl rov ¥B, PK
PEUPOUEVOg %KUXA0G nEer xed dua Tidw O, X, xel dovar
év wxdo 0 KBOZX tevgdmisvoov. .

Kol énel pellov éotly 7 KB vijg X®, lon 0k ﬁ
X® ©jj 20, psltov dga ) KB g Z0. lay 0 4

1. TEP BV, 2. bpototayi B. 3. léyo 8%

9. ¥B] Becorr. P, BY BVq. dorww P.  10. KBOZ'] z
e corr. m. 1 P, muf, in BKOZ m. 1 V, BKOZX q. TETQU-
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quae nominauimus, et triangulus TPJ, et quae simi-
lem obtinent locum, uertex autem punctum 4.

dico, polyedrum, quod significauimus, minorem
sphaeram non tangere secundum superficiem, in qua
est circulus ZH@O.

ducatur ab 4 puncto ad planum quadrilateri KBOX
perpendicularis 4% et cum plano in puncto ¥ conci-
dat, et ducantur ¥'B, ¥K. et quoniam 4 ¥ ad plapum
quadrilateri K BOZX perpendicularis est, etiam ad om-
nes rectas eam tangentes et in plano quadrilateri po-
sitas perpendicularis est [XI def. 3]. itaque 4% ad
utramque B ¥, WK perpendicularis est. et quoniam
AB = AK, erit etiam AB?=_AK? est autem
AP? 4 WB?— AB% nam angulus ad ¥ positus
rectus est [I, 47]; et A ¥2 4 K= 4K?% quare
AT 4 TB2 = 4 P? 4 PK* auferatur, quod com-
mune est, 4 P2 itaque B¥P2= PK2. quare BYF
= YK, similiter demonstrabimus, etiam rectas a
¥ ad O, X ductas aequales esse utrique BY, ¥K.
itaque circulus, qui centro ¥ et radio alterutra recta-
ram ¥B, WK describitur, etiam per O, X ueniet, et
quadrilaterum K BOX in circulo erit.

et quoniam KB > X® et X& = X0, erit XB
> X0. uwerum KB= KX = BO. quare etiam KX

mledgov] om. V.  12. Zotw] dory 5 AY Theon (BVq).

13, éorv P. 14. 76] corr. ex z¢ m, 1 P. 15. éomv P.
18. 4oy P. 19. dnd] -nd in ras. V. 21 fozer Q. |
¥B P. 22, 7 O, X] corr. m. 2 ex 76 O B.

28. #K] K in ras. V. 24. z$5] bis P, sed corr. m. 1. v
-6%- e corr. m. rec. P. B® Vq.  26. 6] corr. ex o V.

27. dorl V. X&) corr. ex $X V, #X B. 28.21:%]
wis B. i) vj q. {fon 8¢ — p. 288, 2. éoriv] mg. . 2T
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KB éxavépe tov KX, BO' xal éxavéoe Gow vdv
K3, BO 7ijg 30 peltov foviv. xel émel v wixdo
rerpdmisvgdy gott 10 KBOZ, xal loaw of KB, BO,
KX, xol édvzov 7§ OX, xal éx vov wévrgov Tob
wxvxdov doriv 1, BW, ©o dpa amd vijg KB tov amd
tiig BY pcifov fovww 1 duwhdeiov. #ydw amd rov
K én) vy BD wadevog 7 KQ. xal émsl 1 B i
A48 édrrov éotly 1 Oumldi), xal éotiv dg ) Bd modg
my AR, otreg 1O V70 1Y 4B, B meds 0 vmo
[rov] 42, & B, dvaygagoudvov amd tijs B tevgo-
yovov xel Guumingovuévov tob éml tijg QA maged-
Anloygdupov xel vé Vmwo 4B, BQ dga Tol vmd AL,
QB &orréy deriv 7 Oumddeiov. xal ot Tiig KA
dmifevyvvuvng ©0 udv vwd 4B, BS ieov ve dmd
mijg BK, 0 0 vmo vov 4L, QB leov v6 amd Tis
KQ' ©o #ge dmo viig KB 7ot dmd vijg KQ EAacady
dorwy 1 Oumddoiov. alhe 1o amd tiig KB 7tod dmd

" tiig BY ueitéy domv 1 dumddeiov: usitov &oa vo dmd

20

25

riic KQ vot and tijs BY. xol nmel ien doriv 7 B4
v} KA, toov éorl ©0 and vijg BA ve amo vijg AK
xel dote v pdv dmd vijs BA loa ta dwd vov BY,
T4, e 0t dwod vig KA loe ve amd vdv KQ, QA4
e oo amo tov BY, WA loa derl voig amd todv
KQ, A4, dv 16 and rijg KQ usitov ot dmd tig
BT Aoumov doa Tl amd vig QA ¥ecedv fovi 1O
dmd i T pellov dga § AW Tig AL WA

1. xef] om. 9.  xel — 2. BO] mg. m. rec. P. 2. K2,
BO] corr. ex KB, TO P. doet V q. 6. fzPw — 7. nd-
f#rezog] bis P, sed corr. m. 1. 7. K onuslov B. KQ]
supra scr. §, mg. § m. 1 P, corr. in X® m. rec.; K& BVq,
sed in V supra scr. o m. 1, 8. 4] P m. 1, 4% BVq, P
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> X0, BO> Z20. et quoniam in circulo est quadri-
laterum KBOX, et KB, BO, KX aequales, 0% autem
minor, et radius circuli est B ¥, erit') KB2 > 2B &2,
ducatur a K ad B® perpendicularis KQ.%) et quo-
niam BA <248, et BA: 4 = AB>< BQ: AL
>< & B, constructo in B quadrato et parallelogrammo
in & 4 expleto erit etiam 4B >< BR < 248 >< L B.
et ducta Ko erit 4B>< BQ = BK? A4L>< B
= KQ* [III, 31. VI, 8 coroll.]. itaque KB2 < 2KR2
uverum KB?>2B%¥? itaque K2 > BY¥? et quo-
niam B4 = KA, erit BA* = AK? et BA? = B¥?
+ T4, KA*=KQ*®+4 Q 4% [I, 47]. itaque B ¥?
+ W42 = KQ*} Q 4%, quorum KQ*> BW?, quare
QA< PA® et AW > AR multo igitur magis

1) Nain singula latera XB, BO, K2 maiora sunt latere

quadrati inscripti, quod aequale est B¥F)2.

2) Facile demonstratur, perpendicularem hanc in ipsum
punctum P cadere, et huc spectat emendatio Theonis @ ubique
pro & reponentis. sed tum demonstrandum ei erat, X & per-
pendicularem esse. Euclides hoc aut non intellexit aut, quod
potius crediderim, non curauit, quia ad tenorem demonstratio-
pis nihil prorsus refert.

m, rec.; item lin, 9, 10, 12, 15. 9. BQ] Pm. 1, B® BVq,
P m. ree.; item lin. 10, 12, 14, 10. zov] om. P. & B]
Pm 1, ®B BVq, P m. rec.; item lin, 18, 15. and] corr.
ex avrov m. 2 B. 11, Q4] P m. 1, &4 BVq, P m. rec.;
dein add. V: @B #v frége (in textu m. 1). 12. omé]
oo rav Va. vmd] dmo rov V. 13. 7 Sumlddaiov] Simie-
olov P. ZouwP. 16. BK]KBqetinras. V. BK — 7iig] bis
g. 16. K] (prius et alt.) Pm. 1, K& BVq, P m. rec. 7]
(alt.) zod V. 19. KQ] P m. 1, K® BVq, P m. rec.; item
Lin. 22, 24 bis.  20. Zotl %ad 76 V. AK] in ras. V, K4 B.

21. dozev P. 3] corr. ex 76 V. 22. Q4] P m. 1, o4
BVq, P m. rec.; item lin. 24, 25. 28. za &g — 24. Q4]
mg m, 2 V. 25. domw P. 26. AR] P m. 1, 4® BVq,

P m. rec.
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doa 1 AT pelfov fovl viig AH. xal dotw 7 pdv
AT énl plav vov molvédgov Pdowv, 7 0% AH énl
v vijg é\deeovos apalpns mipaveiav GeTs TO Mo-
Aoedgov oV Yavas i éAdecovog epalgug xoTa TRV
5 émupdvsiay. .

dvo dga epougny megl O avtd xévrgov ovemy
sl v pelfova coaipay 6regedv molvsdgov éyyé-
yoamrar uy povov tig éAdecovog Gpalgag xota TRV
émodveiay: omsp #0s mouijea.

10 Iogiouc.

‘Ecv 0} xel &ls évégav 6gaigay v év vff BIAE
opalgy oreged molvédom Opoiov GrTspsdy molvedgov
épyougii, 0 év vfj BITAE opalpa 6vsgedv morvedgov
7eog 1O &v Tf évée Gpalgn 6regedy molvedgov Tor-

16 mAaelove Adyov &yev, fimeg 7% tijs BI4E ogaigas
dudiuergog medg v tig Evdgag opalpag OdusTeov.
donpedévtmy pio TdY eregsdv &g tag OpotomAndsis
%ol  Opototayels mvoauidag Eeovven of mvgeuides
Suotar. of 0t Spoter mwvgauldes medg dirfiag év o

20 mAnglove Ay slol Tdv Opoidywv misvedv: 7 dow
nvgeuls, Ng Pdaig uév éote 1o KBOX tevodmisvoov,
xoguey 0% 10 A enusiov, medg v v 1) évéog apaioy
ouosotayij mvgeulde toimAaciove Adyov Eyeu, fmee 1
oudloyog misvea modg TRV Oudroyov mAsvedv, vovr-

25 fomv fimep 1 AB & tod xévrgov tijg epaloas vig
megl %évrgov ©o A4 meog v éx vov xévrgov Tijg Ervé-

1. AF] O¥ q. 4. ypade P, 5. Seq. demonstr.
altera, u. app. 9. mwoujoat] dsifor Theon (BVq). 10. mo-
ewope] mg. m, 1 P; om. BVq. 14. modg 70 — molvedoov]
mg. m. 2 B, 16. otspeds B, éldeooveg q. opelpag] om.
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AT > AH. et A% ad unam basim polyedri, 4H
autem ad superficiem minoris sphaerae ducta est.
quare polyedrum minorem sphaeram secundum super- -
ficiem non tanget.!)

Ergo datis duabus sphaeris circum idem centrum
positis in maiorem sphaeram solidum polyedrum ita
ingeriptum est, ut minorem sphaeram secundum super-
ficiem non tangat; quod oportebat fieri.

Corollarium.

Sin etiam in aliam sphaeram solido polyedro in
sphaera BI'4E inscripto simile polyedrum solidum
inseripserimus, solidum polyedrum in sphaera BI'4E
inscriptum ad solidum polyedrum in altera sphaera
inseriptum triplicatam rationem habebit quam dia-
metrus sphaerae BI"4 E ad diametrum alterius sphaerae.
solidis enim in pyramides numero aequales et simili
loco positas diuisis pyramides similes erunt. similes
autem pyramides triplicatam inter se rationem habent
quam latera correspondentia [prop. VIII coroll.]. itaque
pyramis, cuius basis est quadrilaterum K BOZX, uertex
autem 4 punctum ad pyramidem in altera sphaera
simili loco positam triplicatam rationem habet quam
latus correspondens ad latus correspondens, h. e quam
AB radius sphaerae, cuius centrum est 4, ad radium

1) Idem enim similiter fere de ceteris basibus solidi de-
monstrari potest.

q. 17, opomindeic V.  18. dporayeis BV. 20. sloty B.
wvenpls &oa P.' 21, KOZO V, sed corr. 23. ouo-
tayi V et B, sed corr. m. 1,  26. msgl vd Bq.
Euclides, edd. Heiberg et Menge. IV. 16
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gog 6puigas. Opolwg xel éxdety mveauls thv v Tj
megl xévigov 0 A cpalpy meog ExdeTny Oporayi
mvgaplde vy v i fvioe Gpalog toimdasiove Adyov
&Eev, nmeo ) AB moog TV éx TOU %éVTEOV TG ETdgeg
opaloas. xal og &v tév ypyovuévev medg fv tev émo-
pévov, ovtwg dmevie T fNyovusva mEOg Amavve T&
émdpeve @6t GAov TO év i) mepl xévrgov 10 A 6galpe
oTEgedy moAvedgov weog GAov 1O fv Tf) évépe [Gpeipn]
01eQe0v wolvedgov toumiadlova Adyov s, fimeo 1)
10 AB mpos v éx Tov xévigov tTig Erégag GQalges,
Tovtéony imeg y B dwdustgog meog Thv Tijs évépas
opulpag Odpergov’ Omep &0& dsifau.

o

’

o'
Al opalgar wedg aliqiag dv toiwiaelove
15 A0y@ &lol Tdv (diwv Jiapérpav.

Nevorjodweav opaigar ol ABI'y 4EZ, didustoo
0¢ avrdv of BT, EZ* 1éyw, ovi vy ABI epaige meds
iy AEZ ogeigav tgimdeciove Adyov Eysu fimee 1
BI" moog v EZ.

2. meel t6 Bq. 4. érégag] om. P. 7. dore wal P.
nsgl'r? B. #évigw T q. 8. opalog) om, P.
10. ézéeas] B supra scr. ozegeds m. 2. 16. &leiy PB.
16. dvvonodwsar P
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alterius sphaerae. similiter etiam singulae pyramides
in sphaera positae, cuius centrum est A, ad singulas
pyramides simili loco positas in altera sphaera tripli-
catam rationem habent quam 4B ad radium alterius
sphaerae. et ut unum praecedentium ad unum sequen-
tium, ita omnia praecedentia ad omnia sequentia [V,
12]. quare totum solidum polyedrum in sphaera po-
situm, cuius centrum est 4, ad totum solidum polye-
drum in altera sphaera positum triplicatam rationem
habebit quam 4B ad radium alterius sphaerae, h. e.
quam diametrus B4 ad diametrum alterius sphaerae;
quod erat demonstrandum.

, XVIIL
Sphaerae triplicatam inter se rationem habent quam

diametri.
A \
: N

1'

Fingantur sphaerae A BI, 4EZ, earum autem dia-

metri BT, EZ. dico, esse ABI': AEZ = BI®:EZ?,
16%
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E¢ yoeo uy 7 ABI 6guign mpdg vijv 4 EZ dpeigay
roumiaciove Aoyov Eger dimep 5 BI' mpds tiv EZ,
&ev dox 7 ABI egaige mgdg éhdeoove Twe i
AEZ ogpalpeg toundaciove Adyov 1) medg usilove fimsp
3 BI mgdg vy EZ. ¥éyévm melregov medg éAdceove
iy HOK, xel vevonedeo % AEZ v HOK mepl 10
avTd %Evrgov, xnal fyyepededa &lg Ty pelfove Gpaigay
v AEZ 6tegedv modbedgov un yavov tijg éAdeo-
vog epalpag tijg HOK xave tnv émupaveiav, épye
yodpde 0k xal elg tiv ABI cpaipav ¢ év vij JEZ
dpelon 6Te0ed MOAVEOQ@ Opolov oTEgedyv moAvedgov'
70 doo &v 5] ABI evegedv moAvedgov meds ©o &
©fj AEZ 6ts0e0v moAvedgov toumdaciove Adyov Eye
yimeo 5 BI moog vijy EZ. #ye 0% xal %) ABIL ogaige
npog vy HOK ogaigav toimdaclove Adyov fimep 1
BT mpog v EZ" éovww dga &g 1) ABI epaipa meis
my HOK ogaigav, ottwg t0 &v v ABI" epaipe
o1£0e0y moAvedgoy meog T év tjj AEZ coaigy ove-
pcov molvedgov évaddek [dge] og % ABI epaipe
wgog 70 4v avrij moAivsdoov, otrwmg 1} HOK opaiow
nodg 10 &v vfj A EZ 6palpe 6tegedv moivedgov. pelfoy
0t 7 ABI ogaipe tob v avry moivédgov' uelfov
dga xel ) HOK opaiga vov év tij AEZ epaigy mo-
ivédgov. dAAe xel fAdrrav: dumsguiystar yog VT
avtov. ovx &g ) ABI' epaipe medg éAdedove Tis
AEZ oguaigas voimdeclove Adyov ¥ye iimeo % BI
duduergos moés Ty EZ. buolwg Oy Ozifousv, O

3. opaipx] om. q. 6. H
AEZ add. epaipe Vq et B m.
8. 4EZ] E supra scr. m. 1 V.

@ P. évvorjode P.  Post
2. 7. yeyedgpdus q.
9. HO P. 10. JEZ] E
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nam si non est ABI': 4EZ = BI'®: EZ?, sphaera
ABI" aut ad sphaeram minorem sphaera 4 EZ tripli-
catam rationem habebit quam BI': EZ, aut ad ma-
iorem. prius habeat ad minorem HOK, et fingantur
A4EZ, HOK circum idem centrum positae, et in ma-
iorem sphaeram AEZ solidum polyedrum ita inseri-
batur, ut minorem sphaeram H@K secundum super-
ficiem non tangat [prop. XVII], et etiam in sphaeram
ABIsolido polyedro in 4 EZ sphaera inseripto simile so-
lidum polyedrum inscribatur. itaque polyedrum solidum
in 4BI inscriptum ad solidum polyedrum in JEZ
inseriptum triplicatam rationem habet quam BI': EZ
[prop. XVII coroll.]. uerum etiam 4BI': HOK = BI™
: EZ% itaque ut 4BI': HOK, ita erit solidum po-
lyedrum in 4BI" sphaera inscriptum ad solidum po-
lyedram in 4 EZ sphaera inscriptum. permutando
[V, 16] ut sphaera 4BI' ad polyedrum in ea in-
scriptum, ita sphaera H@®K ad solidum polyedrum in
AEZ sphaera inscriptum., sed sphaera 4BI" maior
est polyedro in ea inscripto. itaque etiam sphaera
HO®K maior est polyedro in sphaera 4EZ inseripto
[V, 14]). uerum eadem minor est; nam ab eo comprehen-
ditur. itaque sphaera 4 BI" ad minorem sphaera 4 EZ
triplicatam rationem non habet quam BI" diametrus
ad EZ. similiter demonstrabimus, ne 4EZ quidem

supra ser. m. 1 V., 11, epaloe] om. V. otegeov] om. V.,
12. moog 76 — 18. molvedgov] om. q. 14. ABI'] AT P.
15. Aéyov] 1éyov yee P. 16. 4B q. 17. opalex] om. V.

18. medg ©6 — 19. moldsdgor] om. q. 18. opaley] om.
V. 19 &ga] om. P. 20, opaige] om. V. 22. spaige]
om. V.  2b. éldrrove P. 26, 4Z V.
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000t 1} AEZ epaipn moog éldecova tijgc A BI 6paigus
roiwdaeiove Adyov Eye dimeg § EZ modg v BI.

Aéyw 01, Grv 000t ) ABI 6gaipn modg peifove
rwea vijg AEZ opalpes toumlaclova Adyov &y fmeg
% BI moog v EZ.

E¢l pap Odvvariv, €yére moog pelfove vy AMN:
dvamedw dou y AMN epaioa mpdg vy ABI cpai-
oav toumiaeiove Adyov Eyer iimsp W EZ Sudpstgog
meog v BI' didpstoov. g 0 9§ AMN cpalpe
woog v A BI Goaigav, otrwg 1§ AEZ cpaige mods
éAdoeove vwa tiig ABI dpalgag, émedimep upsllov
dovly § AMN viig AEZ, o3 dumgoodsy &0eiydn. xal
1 AEZ dga opaipe meos éldedove twe tiig ABI
6paloes Toumdadlove Aoyov &ye Timee 1) EZ modg my
BI §meg advvavov 20&lydy. ovx dga 7 ABI opaige
moog peltova vwa tiig A EZ epaipag toiwdaaiove Adyov
&e dimeg % BT modg vy EZ. &eiydn 04, Gu ovdh
moog éAdeeove. 17 doe ABI egaige medg v AEZ
6patoey voumdaciova Adyov &ye fjmse | BT modg vy
EZ- Gmeo #0er dsikae.

4, ta V., 11 opelpag, o Fpmoosdeyv #8elydn, his
verbis infra lin. 12 omissis, BV, 13, &eo] om. BV.
wwva] om. BV, 16. zwe] om, BV, 18, #laocov q.

A4BI'] BI' q. In fine: Eduleldov orougsiwv 1f Pq, Edxieldov
oregecv 8, fot 0% tov crorysiwy 7o ¢f B. In q seq. vovro 70
fedonue vo ¢ éorl ob 1y’ Pufliov, deinde in textu XIII, 6
(in mg. dedonud fore Todro 5' 7o 1y’ Pifiilov); u. app-
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sphaeram ad minorem sphaera 4 BT triplicatam ratio-
nem habere quam EZ ad BI.

iam dico, sphaeram 4 BI" ne ad maiorem quidem
sphaera 4EZ ftriplicatam rationem habere quam BI'
ad EZ. nam si fieri potest, habeat ad maiorem
AMN, itaque e contrario [V, 7 coroll] sphaera
AMN ad sphaeram ABI triplicatam rationem habet
quam diametrus EZ ad diametrum BI. sed ut AMN
sphaera ad 4 BI sphaeram, ita 4 EZ sphaera ad mi-
norem sphaera A4BI', quoniam AMN > AEZ, ut
antea demonstratum est [prop. II lemma]. itaque
etiam 4EZ sphaera ad minorem sphaera ABI" tri-
plicatam rationem habet quam EZ : BI'; quod fieri
non posse demonstrauimus. itaque 4BI" sphaera ad
maiorem sphaera 4 EZ triplicatam rationem ron habet
quam BI': EZ. demonstrauimus autem, eam ne ad
minorem quidem hanc rationem habere. ergo

ABI': AEZ = BI'*: EZ?

quod erat dewmonstrandum.
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‘Eqv svdeia poappn éxgov xal péeov Adyoy
Tundf, to peifov Tuijue weosAafov Ty fpi-
ceLoy thg 0Ang wevramddaiov dVvaral ToD and
Thg NuLGslag TETQRPBVOU.

Eb9sia pro poauun 3 AB &xgov ual uécov Adyov
Teruodw xare vo I' enusiov, xal fovew usifov rufue
16 AT, nol éxPeflijodn én’ ebdelag vf I'A sbdein 7
Ad, xel xeloedw tiig AB fuicsa 5§ Ad Ayw, bt
nevramdaeidy éore ©0 amd vijg I'd tod dnd vijg 44

‘Avaysygdpdoday yog dnd tov AB, AT vered-
yova t& AE, AZ, %l weveyeyodpde év 16 AZ 10
oyiue, %l Oujydo § ZI" énl v6 H. el énsl 7 4B
dugov xal uleov Aépov vérpyren xare vo I’y ©o dov
vmd tdv ABT leov éorl tp dmd vijg AT nel é0T
v0 pdv dmd vév ABI v6 T'E, 7o 0% dno vig AL
0 ZO ooy dga ©6 I'E v 2O, nal énel Jmlr?
dovw ) BA vijg Ad, ley 0% % uiv BA v K4, 1
0 44 ) 40, dumdi doo nal §) KA vijs AO. 05
0% %) KA nods tiy 4@, otrwg 6 'K meds vo I'6"

Ebuleldov otorgslov 7 PVb, Eduleldov creeed? ¥ 9704
1eloy i B, Eduleldov ororyeiov 7y ctegedv ¥ Q. 5.75190!71’”09]
P, comp. supra m, 2 V; ti¢ 8ing Theon (BVbg). 8 7] ;ff
P et B, sed corr.  #d@ein) etdslag B, corr. m. 1. 9. ¥
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Si recta linea secundum rationem extremam ac
mediam diuiditur, quadratum maioris partis adiuncta
dimidia parte totius aequale est quadrato dimidiae
quinquies sumpto.

Nam recta linea 4B secundum rationem extre-
mam ac mediam diuidatur in puncto I', et pars maior
sit AT, et I'4 in directum producatur, ut fiat 44, et
ponatur 4 A4 =% AB. dico, esse I'4% = 544°* .

construantur enim in 4B, 4T quadrata 4 E, 4Z,
1. gz  etin AZ figura describatur [I p. 137
[ not. 1], et ZI' ad H producatur.
et quoniam 4B in I'" secundum ra-
_4_9_,."' tionem extremam ac mediam diuisa
est, erit AB>< BI'= AT [VI def. 3.
VI, 17]. et AB>< BI'=TE, AI"®
= Z0., itaque 'E = Z0. et quoniam
BA=244, ¢t BA=KA, A4
X g A0@, erit etiam KA = 240, ue-
rum KA4: 40 =TK:I'@ [VI, 1]. itaque 'K =2T6.

44] mg. postea add. m. 1 P, 10. 44 q et corr. ex 44 V.
Vq L qw]eras B 4T lin ras. m. 1 F.  zeteeydvoy
nel m 21213 €] zo &y P, 6] om. P. 18. 2n(l] corr. ex
o 2P 15 4B, Brqetm. 2 V. fomv feov BY
48, B'm. 2 V.  dné] owé q. 20. K] KT P.
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duxddciov doa ©0 I'K to¥ I'O. e&lol 0% nel e A0,
O dumdaeie 1o I'®. leov dpa ©o KI voig A0,
OI. 20ciydn 0% xel o I'E ve OZ loov* Ghov dpu
t0 AE zetgaywvor lgov ovl ©¢6 MNE pvapove. xal
5 émel Oumli] dovrww ) BA tijg A4, vergumidoidv éon
10 and vijs BA vod amd vijg Ad, rovrésr ©0 AE
700 40. lgov 8% 10 AE vd MNJE pvdpovi: xel 0
MNE é&ga pvopov vevoamidaidg 6t rov A0 Siov
oo 10 AZ mevramdicidy éovi Tov AO0. nai fovi TO
10 utv AZ vd émd vijg AT, ©0 8¢ A0 7o dmo vijg 44"
70 dpe and vijg I'd mevramiacidv ot toi and vig A4.
‘Exv g e0@eln dxgov xal pioov Adyov wundi,
70 peifov tuijue mpoelafov v fuicsiev Tijg OAqs
nevramdadiov Ovvarer tov amd tTig NWLGEleg TETN-
15 yédvov' Omeg &0 Oeikar.

B
'Ecv e0dsia yoapuy tutjpatos éxvris mev-
tamldGioy Svviter, tig Oimiacieg rov &lon-
uévov Tutjuaros dxgov xel uédov Adyov tsuvo-
20 wdvng 70 pelfov tufua 6 Aotmdv ufpog éatl
tijg éE doyfic evdeiag.
Ebdete yag poouuy % AB zujuerog éovrijg Tov
AT mevramddoiov dvvdedw, tig 0% A dumiij dorw
5 T4 Ayw, ot g T'd &xpov xal uéeov Adyov Teu-
25 voudvng o0 peifov Tufjud dowv 5 I'B.
‘Avayeyoipde peg ap’ Exarioag tév AB, T'd
revgdyove ¢ AZ, I'H, xal xovayeyodpde év vg

1. K'P. Hic in P litt. X saepius in H renouatum est
manu 7. A4@] 4 e corr. m. 1V, 2. 0% I'® dimldoa P,
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uerum etiam 4@ 4-'@I' = 2I'@ [I, 43). itaque KI"
=4O -- @I". demonstrauimus autem, esse etiam
I'E=@Z. itaque AE= MNJ5. et quoniam BA
=244, erit BA* =444% h. e. AE=440. sed
AE = MNJ. itaque etiam MNE =440. quare
AZ =540. et 4Z = ATI?, 40 = 4 4> itaque
I'4® = 5442

Ergo si recta secundum rationem extremam ac
mediam dividitur, quadratum maioris partis adiuncta
dimidia parte totius aequale est quadrato dimidiae
quinquies sumpto; quod erat demonstrandum.

II.

Si quadratum lineae rectae quadrato partis eius
quinquies sumpto aequale est, duplo partis illius se-
cundum rationem extremam ac mediam diuiso maior
pars reliquum est rectae ab initio sumptae.

nam sit B2 = 54T et I'd = 24I. dico, recta
I'4 secundum rationem extremam ac mediam diunisa
maiorem partem esse I'B.

construantur enim in utraque 4B, I'd quadrata
AZ, I'H, et in AZ figura describatur, et producatur

T'K BVq. 3.Z6 BV. d10v] om., P. 4. Post
MNE eras. zetguydvep (comp) b. 5. ABq.  #emw P.
6. vovzésrv B, 7. 40) e corr. V, A® P et B sed corr.

8. doc] om. P, yvopay dox b. dotiy P. 40] corr.

ex1 4@ B, 46 q et in ras. V; item lin. 9, 10. 9. ¢t

(lg't.) fouv PB. ~ 10. I'd B et V, sed corr. m. 2. _11. éouww
13. z¥] e corr. m. 1 q. 14, dvwijeezer BVbaq.

23. dvveloPm b, 27. vo & P,




10

15

20

25

252 ZTOIXEISN ty’,

AZ 1o eyfjue, xel Oujyde % BE. xel énsl mevre-
nAdaidy deru ©O dmo tijg B A tov and vijg AT, mevrua-
mhdeoy ot 10 AZ tov AB. rterpamddeiog doe O
MNJE pvauov 100 A@. xal émsl dumdy dovv 5 AT
tijg I'A, tevpamideiov dgo dorl 10 amd AT vov amo
I'd, vovréore ©0 T'H ot A@. eiydn 0% xal 6 MNJE
yvopeY TeTeanideiog 1ov 4@ leog dea 6 MNE yvo-
pov t¢ I'H. xal énsl dumdi éovw 5 AT vijg I'4d,
loy 0t n udv AT vj T'K, % 0t AL ij 'O [dumdi
doa xal ) KI' ©ijg I'®|, diwhdorov doa xal 76 KB
700 BO. slol 0t nal 1 A®, @B to @B diuwidoie’
feov dgo ©0 KB voig 4@, @B, #0ciydn 0% xal Glog
6 MNJ5 pvopov 6lo té I'H loog xel Aoumdv oo
70 @Z v BH édovw loov. xal é6ve vo uiv BH 0 .
vmd vév I'AB- loy pog 7 I'd ©ff 4H* ©6 0% OZ 10
awo g I'B* 16 é&ga Umé tév I'4B leov fetl 16
ano zijg I'B. Zevv &ga ag v AT mgdg wiv I'B,
otrwg 5 I'B mdg tw BA. uelfov 0% §) AT vijg I'B’
pellov dga xal ) I'B tijg Bd. tijg I'd &ge svdelag
tngov xal péeov Adyov vepvoudvmg o usifov Tuijud
dovw n B.

Eov &ge sbdeia poouun tufuarog fuvrijg mevre-
nAdGiov OvvnTal, i dimdealng Tov slgnuévov Twi-
poarog @xgov xel uéoov Adyov veuvoudvmg v meifov
Tudfjue ©0 Aoumdv péoog ferl tijg éE doyijc svdsleg
Omep #0er Oeikan.

1. 76] om. Pb. 5. dwd] om. b, dno riig BVq.  dnd]
éno ¢ BVaq. 6. Tovtéory P. 7. Tetoamldoiog — yve-
wv] supra m. 2 B. 8 I'd] corr. ex 44 m, 2B. 9. 3
wlij — 10. I'®] mg. postea add. P m. 1. 10. XI'] 'K P.
11, slotv P. sl6{ — @B (alt.)] et in textu m. 1 et mg.



ELEMENTORUM LIBER XIIL 253

BE. et quoniam BA*=54I%, erit 4Z=0546.
itaque MNJ5 =4 46. et quoniam A4I' = 2I'A4, erit
AI* =4T4* h. e. T'H=446. demonstrauimus
autem, esse etiam M N5 =446. itaque MNZ=TH.
et quoniam JI'=2I'4, et AT=TK, A'=1T0, erit
etiam KB=2B@[VL,1]. uerum
4 7 etiam 40 4- @B = 208 [],
43). itaque KB = 40 4 @ B.
demonstranimus autem, esse
etiam MNE =TIH. quare ®Z
= BH. etBH=TI4d>< 4B
B 4 (nam I'd=AH), ®Z=TB>
itaque erit '/ >< 4B = I'B%,
est igitar 4T I'B=TB:Bd4
[V, 17]. est autem 4I'>TI'B
X I g [u lemma]. quare etiam I'B
> B4 [V, 14]. itaque recta
I'4 secundum rationem extremam ac mediam diuisa
maior pars est I'B.
Ergo si quadratum lineae rectae quadrato partis
eius quinquies sumpto aequale est, duplo partis illius
secundum rationem extremam ac mediam diuiso maior

pars reliquum est rectae ab initio sumptae; quod
erat demonstrandum.

/
.
M

N O =

m. 2 B. Oumidoia 10 BO BV, @B% (alt.) BO b.
&uﬂ.ugtov q. 12. {60y — 6 B] mg. m. 2 B, zoig] zod b.
B olog] corr. ex §lov m. 1 P, 14. éory P. 16. I'd,
& éq. , AH] BHb.  76] (alt.) mutat. in vé m. 1 q.
T P. t$] corr. ex ©6 m, 1 P. 19. I'4] apte I'
by .dm 10 25. oty P, 26. 8msg #3s dsibar] 0): -
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Ajppe.

“Gru 0} 7 dumdi] vijg AT peitow fotl tijg BT, ovrag
deunréow.

E¢ yag i, é6tw, & Ovvarév, v BI' duwky tis
I'd. revgamideioy oo 10 dmo vig BIT tov amo i
4> mevvamicoie doo ve and vdv BI, I'd tod dno
vijg I'd. vménatar 0% xal ©d amd vijg BA mevia-
nideov tov dnd vig I'd* ©d dpa amo tijg BA ileov
éatl voig dnd vév BI, I'd* 8meg advvarov. ovx Geu
% I'B dumdacle éotl vijg AT oOuolwg 07 Selbousy,
ote ovdt 1) Adrtey tije I'B dumdaeiov fotvl s I'4:
moddi pio [usifov] vo dromov.

‘H doa tijg A dimdi} pellov éetl vijg I'B* Omep
£0er Ositar.

’

y.

Eav evdela pyoapun &xgov xal péoov Adyov
tundg, 10 fAadoov tujue meociaBov Tyv nul-
GeLav ToU pelfovog Tufuarog mevranideioy 0v-
varer To0 dwo Tijg Nui6siag Tov peifovog Tu-
HOTOS TETQRYBVO.

Evdete ydg g 77 AB &dugov nel uésov Aopov
reTujodo xeve ©0 I onueiov, xel &6t upsifov tuiuc
10 A, xal vevunedeo 1 A Siye xeve 1o A4° Aéyw,
o1 mevramiaaiov éovL vo and vijg BA vov dnd vijg AT

Avayeyoipdo pip and tig AB teredyevov T0
AE, xal xotaysyedpdo Oumhovy vo oyfjua. el Oumi]
dorw 1 AL tig AT, zergumddeiov &go 1o dmd Ti§

1. Ajjppe] ow. codd. 2. dowiy P, ovtw B. 10. BT
P.  Owmdeciwv P.  doziv B. 11. ] om. B, ins. m, 1 b,
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Lemma.?)

Esse autem 2A4I'> BT, sic demonstrandum.

Nam si minus, sit, si fieri potest, BI' = 2I'4. ergo
BI* =4I'4% itaque BI'* 4 I'd® = 5I'4% wuerum
supposuimus, esse etiam BA? = 5I"4% itaque B.A4%
= BI"™ + I'4? quod fieri non potest [II, 4]. itaque
non est I'B=24I. similiter demonstrabimus, ne
minorem quidem recta I'B duplo maiorem esse recta
I'4; multo enim magis absurdum est. ergo 24I'>I'B;
quod erat demonstrandum.

111

Si linea recta secundum rationem extremam ac
mediam diniditur, quadratum minoris partis adiuncta
dimidia maioris parte aequale est quadrato dimidiae
maioris partis quinquies sumpto.

Nam recta 4B secundum rationem extremam ac
mediam diuidatur in puncto I', et maior pars sit 4T
et A in 4 in duas partes aequales diuidatur. dico,
esse BJ? =D54TI".

construatur enim in 4B quadratum 4 E, et figura
duplex describatur. iam quoniam AI'= 24T, érit

1) Dubifo, an hoc lemma genuinum non sit. neque enim
opus est, et dicendi genus lin. 11 paullo insolentius est.

supra m, 2 V. I'B] BI' BVq. dimlaciwy] in ras. V.
Dein add. doa B. dotéy PB.  12. psifos]) om. P.  13. dozdv
B. 18. turpatos] om. q. 21. tig %) corr. ex zi¢ m. 2 P
23. £6] (prius) % Vq.  24. to] rois q.  26. dumhoiw] om. BVba.
oyijue Otmlody bq. xal énsl BVbaq. 27. teTpemAdoior —
P. 266, 1. J4I'] om. b.
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AT 700 dmo viig AT, rovréer. v6 PX vov ZH. ol
énel ©0 vmo tdv ABI lgov éori v dmd vijg AT, xal
éove 70 vmo tdv ABI ©6 T'E, 16 &ga I'E leov éol
©65 PZ. tevgamdddiov 0% v6 PX voi ZH' zevgamhd-
oiov dga xel ©o I'E tov ZH, mdiw émel lon éotly
3 Ad v AT, lon ot xel 4 OK vjj KZ. dove xol
6 HZ terpdyavov laov éorl © @A vergaybve. loy
doe v HK vfj KA, vovréoriy 9§ MN vij NE* dore ol
w0 MZ t¢ ZE dovww leov. dide ©60 MZ v T'H
oty l6ov* xel v0 I'H &oo v¢p ZE é6viv l6ov. xowwoy
mgooxelodw vo I'N* o doo FOIT pvédpwv leos éotl
w6 TE. diik v6 T'E tevgamhdawoy £0slydn to HZ:
xol 6 EOIT dpo pvopwy tergamiaeids oty rov ZH
rergayavov. ( EOII dga yvopov xal ©o ZH vsgd-
yavoy wesviamlaeiog fere vov ZH. alde 6 FOI
yvopey xal v0 ZH tergdyovdv dere 1o AN. xal
éote 16 utv AN v amd tiig 4B, v6 0% HZ ©o amo
vijg AI. o &ga ano vijg AB mevramideidy 6z Tov
ano vijg AI" Gmep &0er Oeikau.
d0".

Eav ev9cle poapury dxgov xel uwégov Adyov
Tun 4, o énd vijg 6Ang xal vov éAdadovog TuY-
UHETOZ, T& OCVVARPOTEQR TETQRY OV, TOLHALOLE
6t T0ov amo Tod pelfovog rulfuarog vevoa-
yavouv.

"Eote evdeie ) AB, xal teruiodeo dxgov xal péoov
Adpov meré vo I, xal dorw peitov wuijue ©o AT

, L. T4V. 8 7is] vé b. Post privs TE add. 7o &
ano tijs AT 7o (zé6 V) PX Vbq, Bm. 2. b dea — 4. PZ]
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A =44T% h.e. PYX=4ZH. et quoniam 4B>< BI"
== AT? [VI def. 3. V],17] et 4B>< BI'=T"E, erit
I'E=PX. sed PX=4ZH. quare etiam 'E=4ZH.
rursus quoniam A4 = AT, erit etiam @K = KZ.
quare etiam HZ = @A. est
igituar HK = KA, h. e. MN
= NE. quare etiam MZ=ZE.

A 4 I B

AV iy sed MZ=TH. quare efiam
- I'H=ZE. commune adiicia-
) % > ¥ tur I'N. itaque §OIl = I'E.

demonstrauimus autem, esse
y T I'E=4HZ. itaque etiam

HOIl = 4ZH. quare 5011
4 ZH=05ZH. sed K5OIl 4 ZH=AN. et 4N
= AB*, HZ = AI™ ergo 4B®=54TI?; quod erat
demonstrandum.

IV, .

Si recta linea secundum rationem extremam ac
mediam secatur, quadratum totius et quadratum partis
‘minoris coniuncta triplo maiora sunt quadrato partis
mailoris.

Sit recta 4B et secundum rationem extremam ac

(prius) om. V. 6. éoziv P. 8. 7fj] (alt.) #7¢, ¢ in ras. m.
1P. 9. dild — 10. igov (prius)] postea ing. m. 1P.  11.I'N %
T'H? q. Zotar b, 12. HZ] corr. ¢x ZH q.  13. eee
om. P. éotiv B. HZ BVbq. 14. zsrgaywvov%om.
Bbq, supra m. 1 V. ¢ — ZH] z0 &eax 4N Theon (BVbq;
N e corr. V, 4H q). 15. mevtamldoog] -¢ e corr. m. 1 P;
-6toy BVbq, ZH zetoaydvev BVbq. ~ @lle — 16 4N]
om. Theon (BVhq), 16. éonv P. 17. v B. 4H q,
-corr. m. 1, 19. ’'d P. 22, #ldzrovog P. 26. form — nol
(prius)] e9@sie yoo yowppn % 4B V.

Euclides, edd. Heiberg et Menge. IV. 17
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Adyw, Ot & amd tdv AB, BI zoumideid ot vod
ano vijs I'4d.

Aveyepoipdo pag amo vig AB zeTgdyovey T
AAEB, xel novepspodpde to eyjue. émsl ovw §
A B éxgov xel péeov Adpov vérunras xeve vo I, xel
©o weifov tufjua dovw 3 AT, vo dga Omd tov ABI
loov Zovl ve amd tijg AL nal é6vi 1O iy VmO THY
ABI' 20 AK, ©v0 0% anmo vijg AT o @H- leov agu
dovl ©v0 AK v OH. xal énel igov éo6vl 10 AZ 16
ZE, xowbv mgooxsiodw 160 I'K' §lov dga to AK
8ip ¢ I'E éovwv ioov' ze &g AK, I'E tov 4K
dotv Oumddeoie. dAde ta AK, TE 6 AMN ypvauay
dovl xal 70 'K vergayovov: 6 &oe AMN pyvayoy
xal ©0 'K vevodywvov dimAderd dote vob AK. dide
pnv xol 10 AK tg @H &0slydn iov: 6 dga AMN
yvopov xel [t60 I'K vergdyovov dimhded éove tod
@H' ders 6 AMN ypvopov xel] va T'K, @H evpd-
yove tgimdecic vt tov @ H tsrgaycdvov. xai éomv
6 [utv] AMN ypvapwv xel e 'K, @ H zsrgdyove
6iov 160 AE xal 10 'K, dncp dotl tx dmd v AB,
BT zergayove, vo 08 HO 1d and tig AT tevgdyavov.
ze dga amd tov AB, BI wetgdywve roumidoud éote
rod énd vig AT vergaydvov® Smeg #0s dsifau.

’

&

‘Eav ¢vdeia yoapun &xgov xel uécov Aéyov
rundij, xal mpooredij avry Loy ve pelfovt Tu1-
paze, N 64y evdele Gxgov xal uégov Adyov 7é-

1. toimlaciove q. 8. Ante dvay. del. xe/ m. 1 b.
5. T" onueiov V. 7. éot{] (prius) éoriv P. 8 AK] K
corr. m. 1 ex B P. AT'] 4K b. 9. ®H] © e corr. m.
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mediam secetur in I, et maior pars sit 4TI dico,

esse AB® - BI® = 3I'4%
construatur enim in 4B quadratum AAJEB, et
describatur figura. iam quoniam 4B in I' secundum
rationem extremam ac mediam secta est, et maior
pars est AT, erit 4B >< BI'= AI"® [VI def. 8. VI,
17]. et AB><BI'=A4K, AI'?

4 L P _oH. itaque 4K = @H. et
T quoniam 4AZ = ZE [], 43}, com-

e { \ _|g mune adiiciatur I'K. itaque 4K
a4 /1% ;| =TE. ergodK-+TE=24K.

wp sed AK+4TE = AMN - I'K.
itaque AMN + I'K =2 A4K. de-
monstrauimus autem, esse etiam
AK=0H. itaque AMN-+|+TI'K
+ 6OH=360H. verum AMN-+ I'K -+ ©@H = AE
+ I'K = A4B?> 4 BI? et HO = AI® ergo AB?
+ BI'* = 34T quod erat demonstrandum.

4 H E

V.
Si recta linea secundum rationem extremam ac
mediam secatur, et ei adiicitur recta parti maiori
aequalis, tota recta secundum rationem extremam ac

1b. doetv P 10. meaoxelc@w wowwvdy BV, 11. TE] I'
b,  isov donl V. 12. yvépwy — 13. AMN] bis b.

14. domv P, 15, v %ef] om. q. 16, 76 'K — 17. zal]
om. P. 16. diwdecoror V. 17. ©H — AMN] in ras. m.
1q. 18. dumldore b. touxldciee — 19, teroaywve] bis P,
corr. m. 1. 19. pév] om. P (etiam in repet.). 20. omso
P. éotlv PB, te] om. b. 22. Qumddoie b. datew
P. 26. mootsd¥f q. 16 — 27. s¥¥siw] mg. m. 1 b, in textu:
T lo Twijper lon e0deia Gdn.  27. 6in 5 BV.

17*
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runTar, xel vo welfov vuiqud deviv 4 EE doyis
sV deia

Eb@sia poag yoauun 3 AB dxgov xal uieov Adyov
retprjodo xove v0 I' enueiov, xal éotem peitov tuiue
1 AL, nal t AT iy [xelo8w] % AAd. Ayw, ou
% AB svdela xgov xal péeov Adyov téruyrar xeve
70 A, el ©0 peifov Tudjud fomv 7 € doyis evPeia
7 AB.

‘dvaysygdpdm pog dmd tiig AB rvevgdyevov
AE, xol novoyeygdgpde to oyjue. émel y AB &xgov
nel péeov Adyov. vérumren xewe to I, o dow Vmo
ABT i6ov doti ©6 dmd AL xei fovs vo pdy vmo
ABI ©o T'E, ©0 0% amd wjg AT ©6 I'@ leov e
©0 I'E ©¢p OI. ¢iie ©e ptv T'E leov éorl 10 OF,
79 0% OT iGov 10 4@ xal ©6 46 &oo laov éovi v
@E [rowiv mgocxeicdw to @B). Siov dga 1o 4K
6ip t6 AE ot loov. wal ot ©o utv AK o vmo
16v Bd, 44" log peg © Ad vij 4A4° ©o 0t AE
r0 amd vijg AB* 10 doa vmd tdv BAA icov erl vp
and tijg AB. &onw Goo &g 7§ AB medg v BA,
ovtwg 9 BA meog vy AAd. pelfov 0t 1 AB i
BA peifov Goo xal § B A vig A4.

‘H &g AB é&xpov xal uéoov Adyov térunron xerd
10 A, xal 0 peifov Tuque doviv § AB: Omsg a
deikae.

<

3. %] 7 v6b. 5 xelodo] om. P. 6. 4B] 4d b,
7. 5] om. , 1 — evdeia] om. V. 8. 4B] supra scr. 4
m. 1 b 9. avayeysye. P, corr. m. 1. 10. s’nsg yap BYV.
12. wév ABI' V. an6] corr. ex dmd m. 1 P. zij¢
AT V. éorv P, 13. 7oy ABI' V. re] erp.
14, @] corr, ex 'O m. 2 V., 15. ®©I'] ® e corr. V.
16, xowoy — @B] postea add. m. 1 P. @®B] ® e corr. b.

LN - 1)
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mediam secta est, et maior pars est recta ab initio
sumpta.

Nam recta linea 4B secundum rationem extremam
ac mediam in puncto I" secetur, et maior pars sit 4I"
et 44 = AI. dico, rectam 4B secundum rationem
extremam ac mediam in 4 sectam esse, et partem
maiorem esse rectam ab initio sumptam 4B.

construatur enim in 4B quadratum AE, et de-
scribatur figura. quoniam 4B in I' secundum ratio-
nem extremam ac mediam secta est, erit 4B >< BI'
= AI'? [VI def. 3. VI, 17]. et 4B><BI'=1TE,
AI'* =TI@. itaque I'E=6I. uerum OE=TE
(I, 43], 4@ = @I'. quare etiam 4@ = @E. itaque

4 A I B
l\

4 ) K

g

AdK = AE. et AK=Bd >} dA4 (nam A4 = 44),
AE = AB? erit igitur B4 >< 44 = AB% itaque
AB:BA=BAd:44[VL 17]. sed 4B> B A. itaque
etiam BA > 44 [V, 14].

Ergo 4B in A4 secundum rationem extremam ac
mediam divisa est, et maior pars est 4B; quod erat
demonstrandum.

18. 44] d4 q 44] corr. ex A4 m, 1 b, 19. 7o dow
— 20. 4B] om. q. 20. dB] 4 corr. ex A m. 1 b,
22. B 4] Slt) AB V, 4B B, B4 bq. 23. B4 BV.
25. Seq. alia demonstratio et analysis propp. I—V in bq; u. app.
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’

s.

Ecv ev®eia dnry dxgov xal uieov Adyov
Tundf, éxdregov tdv Tunudrov &Aoydg éeTwy
N wedovuévy dxoroud].

"Eota ev9¢cia Jyvy 4 AB xel vetpijedo dxgov xol
uéoov Aoyov xare vo I, xal &orw weitov wuiue 7
AT 2éyw, 8u éxorége viv AT, I'B &Aoydg éomw 7
xadovudvy dmovoua].

‘Exfefifiedeo peo 1) BA, ol xsledo wijc BA qui-
G ) Ad. imel odv e0%etw §) AB vévuyrar Exgov
xol wédov Adyov wara 7o I, xel vé pelfove tufuent
t5 AT modoxeizan ) Ad nuioei ovew tijs AB, 0
foa ano I'd tod dnd AA mevremidedy fotv. 70
doe amd I'd mgog ©d dmwd A4 A6pov &y, 0v dgLduos
medg dguBudy' oVuustoov Goa 1o dmo I'd @ amo
AdA. §qrov 8% 16 and AA° §nry pho [éovw] 7 44
fuleee ovee tijg AB gnrijg obens: yrov How nel 0
and T'd ¢ney &oa Zoti xal §) I'd. xel émel ©0 dmo
T'd mgdg ©o dnd AA Abyov odx #qs, Ov TETQUEY®OVOS
dotduds mpds TeTodywvov doidudy, dovuustgos fow
wines 4) I'd ©ff AA° el I'd, A4 oo ¢yrai sior dv-
véuer pdvov oUupergor’ dmotous dee foviv 7 AT
woidw, émel  AB Gxgov xal udeov Adyov téTunal

Hanc prop. om, bqg. 3. 6] mg. m. 1 V. 4. dmo-

sopn) éyrh B, corr. m. 2, 9. 4T] I’ in ras. m. 1 P.
4B, BT B, corr. m. 2, 9. éxfePliicPw] » corr. ex g m.
2 B. wfig] i} B, corr. m. 2. 10. zézpnren] om, V.
11. Adyov téruyrar V. 18. zijg ' V. zijg JA V.

éoze BV. 14, tije 4 V.  moég] supra m. 1 P.  zd] in

ras. plarium litig. m 1P z’F,g dA4 V., 16. A4 bis P.

gnei V. Oé)inras. V. 76 — yde] om. V.  éomy] om.
18. éo1lv B. 21. #loww PB.
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V1Y

Si recta rationalis secundum rationem extremam
ac mediam diuiditur, utraque pars irrationalis est apo-
tome quae uocatur.

Sit recta rationalis 4B et secundum rationem ex-
tremam ac mediam in I’ diuidatur, et maior pars sit
ATI. dico, utramque AI, I'B irrationalem esse apo-
tomen quae wvocatur. -

4 4 . » B
f. S ! ]
1 ) 1

producatur enim BA et ponatur 44 =1,BA4.
lam quoniam recta 4B in I' secundum rationem ex-
© tremam ac mediam diuisa est, et parti maiori 4T ad-
iecta est 4.4 dimidia rectae 4B, erit ['4? =5A4®
[prop. I]. itaque I'4® ad 442 rationem habet quam
numerus ad numerum. itaque I'4? et 44% commen-
surabilia sunt {X, 6]. sed 4.4% rationale est; nam
44, quae dimidia est rectae rationalis 4B, rationalis
est. itaque etiam I"42 rationale est [X def. 9]. quare
I'd et ipsa rationalis est. et quoniam I'4? ad 447 -
rationem non habet quam numerus quadratus ad nu-
merum quadratum, I'd et 4.4 longitudine incommen-
surabiles sunt [X, 9]. itaque I'd, 4.4 rationales sunt
potentia solum commensurabiles. itaque apotome est
A [X, 73]. rursus quoniam 4B secundum rationem
extremam ac mediam diuisa est, et maior pars est

1) In P in mg. add. m. 1: zodro 70 Fecdonue v tois miel-
ototg tijg véeg éwdboswg 0P pégrrar, dv 0% rois Tiis makoullg
svoloneTar. de q u. app.
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xal ©o peifov rufjud detiv AT, ©o dge vwd AB,
BI' ©6 ano AI loov éoriv. 10 dga amd i AT
dmorouts maga tiv AB iy mapaPindiv whdro;
wowel tyy BI. ©0 0% am( dmovoudjs mwags gnriv mage-
Poidduevov mAarog molsl AmOTOUNY WEWTRY' amOTOUY
doa mowry éovly 7 I'B. 80elydn 0t xal 7 I'A dmovops.

"Edv Goa evdsia §nue) dxgov xal uédov Adyov tundi,
éndregoy TdY TuqudTov dAloyds demy 1 wedovudvy
amorour] Omeg é0& Oeifar.

¢.

‘Eev mevraydvov (Gomdedgov al toeis yo-
viae fvoe af xeve vo EEfig 4 af py xera vo EE1s
leaL d6LY, (Goyaviov é6Tas T mevTdyovor.

Hevrayovov yag laomievpov tov ABI'AE «af tosis
yovie, wedregov of xave t0 éEfg al meog vois A, B,
I loae dddjierg éotwooav Aéyw, Ote (Goywvidy E0Te
10 ABI'AE mevvdywvov.

Emelevydacav yap of AT, BE, ZAd. xel émel
0vo af I'B, BA Ovol taig BA, AE ioaw &lalv éxa-
réoa énaréoq, wed povie % vmd I'BA yovig v vao
BAE et lon, Pdoig oo 1 AT fdee tfj BE éovv
ien, xal 10 ABI volyovov t¢ ABE vouydve i6ov,
xol of Aowmal yovier taly Aoimals yovicg loas EGovral,
bp’ &g el loew mhsvoal Omovslvovew, % udv Vmo
BI'4 vfj vm6 BEA, 5 0% om0 ABE tij o6 I'4B*
dote nel misvge v AZ mieved v BZ éomv lon.
&elydn O nal Ody 7§ AT Ay ©fj BE lon* xel Aoumy

1. Ante xef add. ware z6 I' V. ABr' V. . 2. doul
BY. 4. amoropiis] dmo- supra ser.m. 2 B. 6. I'4] 4T BV.
7. ¢ney — 9. deifa]: ~ BV, 8. Floyov P.  Seq. in
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AT, erit AB >< BI' = AI'® [VIdef.3. VI, 17]. itaque
quadratum apotomes .4I" ad 4B rationalem adplica-
tum latitudinem efficit BI. quadratum autem apo-
tomes ad rationalem adplicatum latitudinem efficit
apotomen primam [X, 97). itaque I'B ‘apotome est
prima. demonstrauimus autem, etiam I'4 apotomen esse.

Ergo si recta rationalis secundum rationem ex-
tremam ac mediam diuiditur, utraque pars irrationalis
est apotome quae uwocatur; quod erat demonstrandum.

VIL

Si pentagoni aequilateri tres anguli, siue deinceps
positi sunt siue non deineceps, inter se aequales sunt,
pentagonum aequiangulum erit.

Nam pentagoni aequilateri 4 BI'd E prius, qui dein-
ceps positi sunt, tres anguli 4, B, I inter se aequales
sint. dico, pentagonum A4BI'4E aequiangulum esse.

ducantur enim AI, BE, Z4. et quoniam duo
latera I'B, BA duobus lateribus B4, A4E singula
singulis aequalia sunt, et [ I'BA == BAE, erit AT
= BE et A ABI'= 4ABE, et reliqui anguli reliquis
angulis aequales erunt, sub quibus aequalia latera
subtendunt [I, 4], [ BI'4 == BEA, [ ABE = I'4B.
quare etiam 4Z = BZ [I, 6). demonstrauimus autem,
esse etiam AI' = BE. itaque etiam ZI' = ZE.

P altera demonstr. prop. V et analysis prop. I—V, in BV
analysis prop. I—V; u. app. 10. ¢'] om. b, qui hinc pu-
meros propp. om. 12, fror] 4 V. ) of — £&ij¢] om. Q.

7 af] in ras. m. 1 B.  16. éovwv P, 18, -pfwoay — 19.
4E] mg. m. 2 B, sed etiam m. 1 in textu, om. BE — I'B.
19. 0¥0] af dvo P, 22. lov éoti q. 25. BI'4] I'4 n
ras, V, BAI B.
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toa f ZI Aownjj ©jj ZE dovww lan. &6t 0F xal 4
I'd ©j AE lon. 0vo 0 of ZI, I'd dvel vais ZE,
EAd toow slotv: xal Pieg adredv xowy § Z4' yovie
doa 1) Ond ZI'd yavig tfj vnd ZEA éovwy loy. &0elydy
0t xal 9 Omd BI'A ©fj vm6 AEB iy xal 8iy dgu
5 Uwd BI'4 iy =ff vmwo AEA ley. add’ ) dmd
BI'd iey vwixetas vaig moog toig A, B yavlag: xel
N vwo AEA &ga vais meds vols A, B ywviwmg lon
dotlv. opolwg 0% delfopsv, 8t xal 9 Ym0 I'E yo-
viee foy éovl vaig moog tois A, B, I' yooviug (6o-
yoviov aoo éotl 10 ABI'AE mevvdyovoy.

‘Arde O py éocwoav loow af xatve 16 g poviu,
aAd’ éorwmoav loww ol moog voig A, I, A enuslow’
Myw, Ot xal olrwg (Goywvidy édore ©6 ABIAE
TEVTAYOVOV.

Enctevydo pag 1§ Bd. xel émsl 8vo of BA, AE
dvel taig BI, I'd lear slol nal yovieg leeg megl-
éyovew, Pdoig doa 1 BE Pdes t4) BA lon éoviv, xel
10 ABE tolyovov ¢ BI'd roiydve icov deriv, ol
af Aomel yoview taig Aowwaly ywviag loas Ecovret,
v’ dg af loow mwhevgal vmorelvovey: oy doo dotly
% vmo AEB ypeovia tfj vmd T'AB. &t 0% xel 9
tno BEA yovia ©fj vwd BAE ioy, énsl xal misvee
% BE mlevod vf) B éevw lon. xal GAy dga 7 Um0
AEd4 yovie oiy tf vmd I'AE éerw low. aAdd 1
oo FAE taig woos rois A, I' yoviag vnoxeres o

1, dorww lon — 8. E4] bis b. 1. #eriv B. 8, &lof
Vb, 6. nal] om. BV, 6. &gty ion BV. éiie BVq.
7. BI'd] sic, sed mg. m. 1 T'JE b. yovietg] om.

BVhb. 8. toig] tovs Q. Post B add. I' q et supra m.

1V. 10.T) om. B, supra m. 1 V. 11, d6efv B, om. V.
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uerum etiam I'd = A E. itaque duo latera ZI, I'd
duobus lateribus ZE, EA aequalia sunt; et basis
eorum communis est Z4d. itaque [ ZI'd = ZEA
[I, 8]. demonstrauimus autem, esse etiam [ BI'A
= AEB. quare etiam [ BI'4 = AEA. supposuimus
autew, angulum B I'4 angulis
ad 4, B positis aequalem
esse. itaque etiam [ AEA
angulis ad 4, B positis
aequalis est. iam similiter
demonstrabimus, etiam angu-
lom I'4 E angulis ad 4, B, I
positis aequalem esse. ergo
pentagonum A BI'4E aequi-
angulum est.

iam uero anguli deinceps positi aequales ne sint,
sed aequales sint anguli ad puncta 4, I, A positi.
dico, sic quoque pentagonum aequiangulum esse.

ducatur enim Bd. et quoniam duo latera BA,
AE duobus lateribus BI, I'4 aequalia sunt et aequales
angulos comprehendunt, erit BE = B4 et A ABE
= BI'4, et reliqui anguli reliquis angulis aequales
erunt, sub quibus aequalia latera subtendunt [I, 4].
itaque L 4 EB = I'4B. uerum etiam [ BE4d = BAE,
quoniam etiam BE =B [1, 6]. itaque [ 4 EA4=TA4E.
supposuimus autem, angulum I'4E angulis ad 4, I
positis aequalem esse. ergo etiam [ A E4 angulis ad

14. éo'ﬂ'y B. 16. wefsdydooay B. 5] of B. » 17. slotv PB.

zmeQuizover PVbq. 18, doul Vq, comp. b. 19. ABE cox
bq. ot{ PVq, comp. b. 21. é6tiv] om. V. 29, AEB
— I'dB] 4BI" P. foriv B. 24, na/] om. BV.
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xal 7 Um0 AEA dga povie taig medg tolg A, I log
dotlv. 0w ta avra O xal 7 vmo ABI loy éotl
rais weog voig A, I, 4 yevimg. icoyaviov dge éorl
10 ABI'4E mevvdymvov: Smep #0e dsifou.

I4

7.

‘Eav mevrayadvov [Gomlevgov xzal [(Gopm-
viov tag xara v éEfjg U0 ywviag dmorelvadiy
eddelac, Gxgov xal uéoov Adyov réuvovawy di-
AMjiag, xal tva pellova adrdy tpjuara loa éovl
7§} ToU WEVTRYBVOV WAEVQQ.

Hevrayavov pag (loomdevgov xwl [doywviov 70v
ABI'AE Yo yovias tag xava to ékfs vag modg 705
A, B vmorewérwcay evdeior of AT, BE téuvovem
aAljdag xove ©o O@ anuslov: Adyw, Sr Exarége avrdv
dngov xal wéeov Adyov térunmrar xare vo @ enusiov,
xal To pelfove avrav Turpata lee fetl i) Tod mevie-
yaovov mALVQE.

ITepuyeppapda peo mepl 16 ABI'AE mevedyavoy
xvnhog 6 ABITAE. wel émsl 0vVo eb®star of EA, AB
ovel vais AB, BI' leou elol xal yovieg leag msoi-
éyovewv, Pdewg &oe § BE Bdoss T AL loy éotiy,
xol 70 ABE tolyovov ¢ ABI touyave leov éotiv,
nol of Aowwel yovia tais lowwets yovieg loe Eeovras
Exaréon Exatioq, V@’ dg of loo mAsvoal vmorelvovow.
loy &ou éotlv 1) Vmd BAT yovie tfj vmd ABE: dumhi

1. yovie g bq.  7oig] zeris . 2. foriv] dotl Vhy.
do1l] doviv B. 3. tois] vou P, éot{] om. V. 4. Gmeo
#05 Osior] ofn. Bhgq. 7. vmotslvoveiy Paq. 9, forau q.
16. slotv B, slel V. 20. elslyv PB.  mequéyovei Vb
21. 4gt/ PVq, comp. b. 22. 462/ PVhq. 23, foov-
vee] elolv q. 25, ion — p. 270, 1 B4A®] sic b, sed mg. m. 1:
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4, I' positis aequalis est. eadem de causa etiam
L ABI angulis ad 4, I', 4 positis aequalis est. ergo
pentagonum ABI'AE aequiangulum est; quod erat
demonstrandum.

VIIL

Si in pentagono aequilatero et aequiangulo sub
duobus angulis deinceps positis rectae subtendunt,
inter se secundumn rationem extremam ac mediam se-
cant, et partes earum maiores aequales sunt lateri
pentagoni.

Nam in pentagono " aequilatero et aequiangulo
ABIT'4E sub duobus angulis
ad 4, B deinceps positis rectae
AI, BE subtendant inter se
secantes in puncto @. dico,
utramque secundum rationem
extremam ac mediam sectam
esse in puncto @, et partes
earum maiores aequales esse
lateri pentagoni.

circumscribatur enim circum 4B I'd E pentagonum
circulus 4BI'dE [IV, 14]. et quoniam duo latera
EA, 4B duobus 4B, BI aequalia sunt et aequales
angulos comprehendunt, erit BE = AI", et A\ ABE
= ABI, et reliqui anguli reliquis aequales erunt
singuli singulis, sub quibus aequalia latera subten-
dunt (I, 4]). itaque [ BAI'= ABE. quare [ AGE

yeo. lon doo 1) vnd ABE wal 7] AO®E dgo Sumiij 4ot vij¢ BAO
yoving dxtog ydo éoti 1ov ABG toydvov. 25. doziv] om.
Vq. yovie] om. q. dumdi} doa] om. q.
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doa 7 vmd AGE tig vmd BAG. Ior 0% xal 7 tmo
EAT tijg vwd BAT dumdij, émedrjmeg ol megipépen
% EAT meoupegeing tiig I'B Zoru Oumdijs loy dgu 1
1m0 OAE yovie v vmo AOE: @ovs xol ) OF edbsin
vij Ed, toviéer. tfj AB donw ion. =xal émsl loy
éovlv 1) BA &09sia 1i] AE, i6n éoti nel yovie 5 1m0
ABE tfj vno AEB. dAde 7 Ono ABE 7jj vmd BAO
80eiy®n lon’ xel f vmwd BEA épa tjj vmd BA® éovw
len. xal nowr Tédv 0Vo ToLydvev tod e ABE ol
vot ABO® faviv 9 vmd ABE' Aouns) go 5 vmo BAE
yovie Aouwg] ©f] V0 A@B éoviv Lo’ lGoydviov dou éotl
10 ABE tolyovov 78 ABO touyave* dvdloyov &ga
dotly &g 7 EB meog tyy B.A, oUtwg v AB medg iy
BO. ion 0% ) BA ©fj E® &g &ga % BE mgog vy
E®, otrwg v E@ mpds vy @B. pucifwv 0t 1 BE
tiig E® psltov doo xal v EO® zijg ®B. 1 BE dge
dngov xal péoov Adyov térumrer xave o O, xal T0
psitoy tuijue 6 OF icov dori tf) tod mevvaydvov
mAsvgd. Opolwg O Oclbousv, Ove xal % AL &ngov
xal pégov Adyov tévunror xare ©é @, xal To peifov
avriic tuque v '@ loov édotl tff 100 mevraywvov
misvog® Omeg Eder dcikan.

’a’
‘Eav % o0 éfaydvov misvee xel 7 Tov
denayavov tedv &lg Tov avrdv xvxlov dypeo-
pouédvev oGvvreddoiv, 1 OAy evFsia &Exgov

1. Post AOE add. doa dumli fome q. Post BA6 add.
yowlag: éntog yog éoti voe ABO® rorywvov Vg, B m. 2.
dorw PB. 2. émeid) BV. wal] supra m. 2 B. 8. E4T]
Ed4TI g q. éouiv B. 4. ®4E] 4A@FE q, ®4E" b.
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=2BA® {I, 32]. uerum etiam [ EAI' = 2B AT,
quoniam arcus EAJI" duplo maior est arcu I'B [III,
28. VI, 33]. itaque | @ AE = A®E. quare etiam
OE=FEA=A4B [I, 6]. et quoniam BA = AE,
erit etiam [ /BE= AEB [l, 5]. demonstrauimus
autem, esse [ ABE = BA®. quare etiam [ BEA
= BA®. et duorum triangulorum 4BE, 4B@ com-
munis est [ ABE. itaque [ BAE = A®B [I, 32].
quare trianguli. 4 BE, AB® aequianguli sunt. erit
igitur [V, 4] EB: B4 = AB:B6®. sed B4 = E®.
itaque BE : E® = E®: ®B. uerum BE > E®. itaque
etiam E® > @B [V, 14]). ergo BE in ® secundum
rationem extremam ac mediam dinisa est, et maior
pars @F lateri pentagoni aequalis est. similiter de-
monstrabimus, etiam AI" in ® secundum rationem ex-
tremam ac mediam diuisam esse, et maiorem eius
partem I'@ lateri pentagoni aequalem esse; quod erat
demonstrandum.

IX.

Lateribus hexagoni et decagoni in eundem circulum
inscriptorum coniunctis tota recta secundum rationem

IX. Theon in Ptolem. p. 181,

AGE] EA® q, AGE’ b, 5. vovréonww B. 6. B4] 4B bq.
ot/] om. q, éoziv B. 7. tfj 9n0 4EB] mg. m. 2 B.

¢il’ bq. BA®] ABO B, corr. m. 2. 8. &ox] om. P,

dox yovle V.  domw] om. V. 9, lon] in ras. m. 1 b,

10. B4AE] e corr, V. 11. ABO b. éoc(] om, V.

12. 4B@] B® in ras. V. 16. doa] dorl comp. V. E®]

corr. in EB b et B m. 2. 18 Zotiy PB. 19. I'4 q.

21. doviv B.  25. vdv] corr, ex zév m. 2 P.  zdv] corr. ex

téy m. 2 P. avtév] om. b,
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nal péoov Aoyov térunrac, xul vo peifov avrig
rufpd d6Tiv 1 Tov fEaydvov misved.

"Eetw xvxdog 6 ABI, xal tév &lg tov ABT xv-
xhov éyyoapousvav oxnudtev, dcxapdvov piv 6o
ahevea 9 B, &apwvov 0% o I'd, xel Eavweav i’
e0delog: Aépw, Ore % 8An s0Psiew ) BA dngov ual
uéosov Adyov térumrer, mel o peifov avrig Tufue
dotiv m I'4d.

Elligpde pag 1o %évtoov 10 %Uxdev ©0 E enuciov,
nal émelevydweay aof EB, EI'y, EA, xal dujyde 1
BE éml ©0 A. émsl Oenayidvov lgomisvgov mAsved
dotwv 7 BI, mevvemlaciov doa 7 AI'B mepupéoein
zijg BI' megupegelag® vetoamdaslov dga v AL msgi-
péoae tijg T'B. dg 0% ) AT megupéoeia mods Ty
I'B, otrwg 3 vn0 AET povie mpog tw vmd T'EB:
vevqumdadiov &g 7 vmd AEI tig omo T'EB. xel
énsl lon v vwd EBI yovie vi; omd EI'B, 7 dea
ond AED pavie dumlecie éovi tijg vmd EI'B. xol
énel lon dovlv §) EI ddeia vf) ['d" énavépe poo
avrdy Loy éorl v vov Efepwvov wAsved woU &lg TOV
ABT wbxdov [dyyoagouivov]” ion éori xal 7 Um0
TEd yovie vjj vmd T'dE yoviy: Oumdacie doe 1
omd EI'B yovie tig Omd EAT. adde tijg omd ET'B
dumiacie 0ely®y % Omd AEI vevpamiacie &ox 1
dmd AETL vijg md EATL. #0siydn 0% xal vijg vmd
BET vergamdecie § vnd AED™ lay doe % vmd EAT

1. xnel] (prius) corr. ex xere m. rec. P. 7. Post tévpnros
add. #aré 20 I’ V, Bm. 2. . 11. EB b. Ante Zmel add. nel
BVq, Pm. 2. rod denay. q. 12. AT'B] in ras. m. 2 V,
B add. m. rec. b. 13. BI' — 14. =zfj¢] om. b. 16. AET]
I' corr. ex B m. rec. b.  16. &oo doilw P. 17, lon dotly
P. 18. AET'] EAT B, corr. m. 2. Simdacioy V.
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extremam ac mediam diuisa est, et maior eius pars

latus est hexagoni.
Sit circulus 4BI, et figurarum in circulo 4BI’
inscriptarum decagoni latus sit BI, hexagoni autem

I'4d, et in eadem recta po- -

sitae sint. dico, totam rec-
tam B4 secundum ratio-
nem extremam ac mediam
diuisam esse, et majorem
partem esse I'A.

sumatur enim centrum
circuli E punctum [III, 1],
et ducantur EB, ET, Ed,
et BE ad 4 producatur.
quoniam BI" latus est de-
cagoni aequilateri, arcus
AI'B quintuplo maior est arcu BI. itaque arcus
AT quadruplo maior est arcu I'B. sed ut arcus AT
ad arcom I'B, ita angulus AEI" ad angulum I'EB
[V, 33). itaque [/ AEI"' = 4T'EB. et quoniam /[ EBI’
= EI'B [1, 5], erit [ AE"'=2EI'B [I, 32]. et
quoniam EI'=I'4 [IV, 15 coroll] (nam utraque
lateri hexagoni in circulo 4B I inscripti aequalis est),
erit etiam [ TEA=TI"AE[1,5]. itaque LEB=2EAI’
[I, 32]. demonstrauimus autem, esse etiam [ AET
== 2EI'B. itaque [ AEI"' = 4EAI. demonstranimus

doctv B. 19. EI'] corr. ex B’ m. 2 B. zjj] zijs .
20. doziv B. 21, dyyoagopévov] om. P.  deriv B

7 yovle 51 V. 22. yowle] om. V., el b. 23, E4T":

yovieg b.  EI'B] B ih ras. V; supra ser. E4I' m. 2 B.

24. AET'] A corr. ex 4 b.  25. AET"] 4 corr. ex 4 m. 2 P

Euclides, edd. Heiberg et Menge. IV. 18

i
Al
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"5} vm6 BEI. xowy 0% tév dvo teiyavev, tob T
BETI xal vov BEd, 7% vmo EBA yovia' xal lous)
dga §) vwd BEA vjj vno EIB éevwv lon” leopmvioy
doe: éotl ©6 EBA volywvov v EBI touydve. dvi-

5 Aopov &oa fativ dg ) 4B medg vy BE, otrag 4
EB =gog mqv BI. loy 0t 7 EB vjj I'd. E&evwv dge
dg 1 Bd mpog iy AT, otwwg % AT meog iy I'B.
pelfov 0% v Bd vijg AT pslfov doa xal 5 AT vig
I'B. 5 B4 &pa eddeia &xngov xal pédov Adyoy vi-

10 zuyrar [xave o I'], xal ©6 weitov tunue atmig éomw
0 AI" 6mep E0er Ocitbar.

’

t.

‘Eav elg xUxkov nevrdyovov (6dmAsvgov éy-

you@f, N TOU wevTaydvov wlsved dvvaras Ty

15 7 Tov sfay@vov xnal Ty rod dexapdvov Tdv
glg Tov avT oY xUxiov ypoapoudvan.

"E6te xvxdog 6 ABIAE, el elg vov ABI'AE xv-
xhov wevrdyavov l66mAsvooy éyyeyodpda 1o ABIAE.
Aéyw, 8ve % vo0 ABI'AE mevraydvov misvge dvvara

20 jv 76 TOoD Efayavov xal v vov Odsxaydvov mhev-
gov tov &g 1ov ABIAE avxdov Zypgagoudvav.

Elljpde pio t0 %évroov vov xvxdov td Z anuelov,

xel émevydeion § AZ Sujyde énl vo H enyusiov, xel
énelevy®w 3 ZB, xel dmd vod Z énl iy AB xd-
25 Sevog fpdw  ZO, xal dujyde énl to K, xal éne
tevgdwoay af AK, KB, xol mdiw and vov Z énl
iy AK ndderog fydw 3 ZA, xal dujyde éxl vo

9. BEI') BEAP. BEJ] BED P. 4. fovl] om. V.
5. dB] B4B. 6. I'd% I supra ser. m. 1 V, 4I'P. 7. v
I'B] I'B Bq. 8. AI'] (prius) A" b, T4 B. 9. &eu eddein]
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autem, esse etiam 4 EI'=4BEI. ergo [ EAI'=BET.
duorum autem triangulorum BEI et BEAJ communis -
est angulus EBJ. itaque etiam [ BEJ = EI'B [],
32]. itaque trianguli EB4, EBI' aequianguli sunt.
quare erit [VI, 4] 4B: BE = EB:BI. uerum EB
=TI4d. itaque Bd: JI'=JI':'B. uerum BJ
> AI. itaque etiam 4I'>I'B [V, 14]. ergo recta
B4 secundum rationem extremam ac mediam diuisa
est, et maior pars eius est 4I; quod erat demon-

strandum.

X.

Siin circulum pentagonum aequilaterum inscribitur,
quadratum lateris pentagoni aequale est quadratis
laterum hexagoni et decagoni in eodem circulo in-
scriptorum.

Sit cireulus ABI'4E, et in circulum ABI'AE
pentagonum aequilaterum inscribatur 4 BI'/E. dico,
quadratum lateris pentagoni 4BI'JE aequale esse
quadratis laterum hexagoni et decagoni in ecirculo
ABI'AE inseriptorum.

sumatur enim centrum circuli Z punctum [III, 1],
et ducta 4Z ad H punctum producatur, et ducatur
ZB, et a Z ad 4B perpendicularis ducatur ZO, et
ad K producatur, et ducantur 4K, KB, et rursus a
Z ad 4K perpendicularis ducatur Z4, et ad M pro-

X, Pappus V p. 440, 13. Theon in Ptolem. p. 181.

mg. m. 1. 10. zere v6 I'] om. P. adriig uipe P.
abr q. 11 AT'] d corr. ex I'm. 1 b,  Gmeg £3s1 dsibae]
om. (}, 0)— b; 8xeg 3ee: ~ B, 15, Tév] om.

17, slg — wdulov] om. q, elg odzéw V, uvnloy om. Bb.

24, nal — Z] bis b,
18%
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M, xol énelevydeo 7 KN. émel lon éovlv § ABI'H
negupéoece vii AEAH meoupepslee, &v ) ABI 1
AEd éouv lon, Aowmn &oa 1 T'H mequpéosie Aou
vj HdA Zovv lon. mevvaydvov 0% § I'd* dsnapavov
doa 7 T'H. =xol Emel lon doviv 7) ZA vfj ZB, xal
xd@erog 4 ZO, lon &oo xel 7) vwd AZK yovin
om6 KZB. @ovs xel megupépeie 7 AK vij KB éony
toy: Oumhij doe 7 AB megupéoeie vijg BK megupegelog’
Oexaydvov &ge mhevoo éotw 7) AK s0dsie, Ok 1o
avra 05 xel ) AK vijg KM éore Oumdi. xal émel
dumdyy domw 7 AB mequpéosia vijg BK megupsgelas,
fon 0% 5 I'd meoupipeie ) AB megupegsle, Oumii
doa xat v I'd megupiosie vijg BK megupepelog. Eane
0t 5 I'd meoupéoeir xel vijg I'H Oumdsj* len doe 4
I'H neoipépeie 5] BK meoupeosle. dAle 5 BK wig
KM éore dumdij, émel nel v KA nal 5y TH &oa ijg
KM éove dumdij. éAdé uny xal 9 I'B mepupdosie vig
BK mequpepelag éotl dumiaj lon yag 1 I'B mequpépsin
tij BA. el 8Ay &ga §) HB mequpéoeta vijg BM éom
duwdis dorve xel yovie 4 Ynd HZB yaovieg vig vd
BZM [éovi] Oumhdj. &ove 0% %) vwo HZB xel vijg vmo
ZAB i lon yoeg % vwd ZAB vjj vmo ABZ. xol
% vmd BZN &ga tf) vnd ZAB éevwv lon. xown O
tév 0vo rouydvev, zo0 16 ABZ nal tod BZN, 1

1. net 2mel BV, 4. 4H V., d¢-] supra m. 1 b,
B, dge] fnn V. 6. AZK] K supram. 1 V. 7. KZB yovly
9. 9. AK] A corr. ex BV, BK P, Jenayidvov — 11. megi-
psgelug] bis V (in rep. AK).  9.0uwd] vijg BK. dudq. 11. KBB.
12. I'd] corr. ex I'B m. 2B. "~ 13. &nv B.  16. éorv B.
doa] om. b. 17. domw B.  18. leviv B. 19, jj] corr.
ex ziig B.  BA mequpeosle V. 20. HEB q. 21. B"Z'M
b. é6ri] om. P; éorwv B, #uv B. 22, ABZ]



ELEMENTORUM LIBER XIII. 277

ducatur, et ducatur KN. quoniam arcus 4 BI'H arcui
AE4H aequalis est, quornm 4BI' = AEA4, erit TH
= Hd. I'4 autem pentagoni est; itaque I'H est de-
cagoni. et quoniam Z4 = ZB, et Z® perpendicularis
est, erit etiam [ /ZK=KZB [I, 5. I, 26]. quare
etiam arcus 4K arcui KB aequalis est [III, 26]. itaque
w A arcus 4 B duplo maior
> est arcu BK. quare
recta 4K latus deca-
goni est. eadem de
\g causa etiam 4 K duplo
maior est arcu KM,
et quoniam arcus 4B
duplo maior est arcu
BK, et arcus I'd arcui
AB aequalis, etiam
\ 1 arcus I'4 arcu BK

— duplo maior erit. ue-
rum arcus I'd etiam arcu I'H duplo maior est. itaque
arcus I'H arcui BK aequalis est. sed arcus BK arcu
KM duplo maior est, quoniam arcus K.4 eo duplo
est maior. itaque etiam I'H arcu KM duplo maior
est. uerum etiam arcus I'B arcu BK duplo maior
est; nam arcus I'B arcui B4 aequalis est. quare
totus arcus HB arcu BM duplo maior est. itaque
etiam [ HZB=2BZM[V], 33]. uerum etiam /| HZB
= 2ZAB;nam ZAB = ABZ. itaque [l BZN=ZAB.
duorum autem triangulorum 4BZ, BZN communis

corr. ex AZB m. rec. b, 28. BZN] N corr. ex H m. 2 B;

2
ZBN b, corr. m, rec. 24. BZN] N corr. ex Hm. 2 B,
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6 ABZ yovin Aowwy dou f) 9md AZB Aowmf 7]
vnd BNZ éouwv ion* leoywviov dpa deri 10 ABL
rolyavov 13 BZN toiyave. dvdiopov doe Zetiv og
f AB &b9sta medg v BZ, olrwg % ZB meds my
BN 6 &pa vmé tév ABN lgov Zotl 76 dmd BL.
modw Emel lon detlv 5) AA vfj AK, xowy 0% xal moog
dpdag 1 AN, fdeg dga 1 KN Paes vij AN éorw
lon* nal yovie Gooe n vmo AKN yovig vfj vaé AAN
dorwv ley. arhe 4 tmd AAN i} vmd KBN donw
ton: nol 9 vmd AKN dge tvfj vwd KBN éonwv loy.
xal xotvy tdv Ovo Toyavey ol ¢ AKB xal tob
AKN 75 medg vid A. Aowmy dpa % vwd AKB louwj
i} Um0 KNA Zovww lon* leoydviov dga devl vo KBA
rolyavoy 6 KNA towydve. avdlopov dga éotlv g
7 BA e0dsie meog vy AK, otrwg 7§ KA meog vy
AN 16 dga Um0 tév BAN leov ol vg dmd vis
AK. 20ely®n 0% xal ©o vmd vdy ABN iGov w6 dnd
zijg BZ* ©6 &ga vmd tév 4ABN psta tod vmd BAN,
dmsp dotl vo amd vig BA, leov dotl ve dmd vijs BZ
usta vov amo vig AK. wal éovwv %) udv BA mevve
yobvov mwhsvet, 7 02 BZ Eeyavov, 5 0% AK dexne-
yovov. i

‘H dgo tob mevrapavov wlsvoe Ovvarar Ty TE
700 EEaydvov xol Ty Tob Osxaydvov rdv &g TOV
avrov xvxdov Eyyoapousvav: Gmep & dsibar.

e’
‘Eqv &lg nbxdov ¢nrnv Eyovva wqv ddpe-
roov mevrdyavov (Gomisvgor dyyoagii, 1 TOU

2. BZN P, et B, sed corr. m. ree. 4. ZB] BZ P.
5. AB, BN Vq, b e corr. m. rec. &ozty P, ziis BZ
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est L ABZ. itaque erit L 4ZB = BNZ [I,32]. itaque
trianguli 4BZ, BZN aequianguli sunt. erit igitur
{V],4] 4B:BZ=ZB:BN. quare AB>X BN==B2?
[VI, 17]. rursus quoniam A4 = AK, et 4N commu-
nis est et perpendicularis, erit KN = AN et [ AKN
= AAN [I, 4). sed [ 44N = KBN [III, 29. I, 5].
quare etiam [ /KN = KBN. et duorum triangu-
lorum 4KB, AKN communis est angulus ad 4 po-
situs. erit igitur [ 4 KB = KN4 [I, 32]. quare
trianguli KB4, KNA aequianguli sunt. erit igitur
[VI, 4] BA4: AK=KAd: AN. itaque BA>< AN
= AK? [V], 17]. demonstrauimus autem, esse etiam
AB>< BN = BZ*? ergo AB>< BN - B4A>< AN
= BZ*4{ 4AK®=BA%[1I,2]. et BA latus est penta-
goni, BZ hexagoni [IV, 15 coroll.], 4K decagoni.
Ergo quadratum lateris pentagoni aequale est qua-
dratis laterum hexagoni et decagoni in eodem circulo
inscriptorum; quod erat demonstrandum. '

XL
Si in circulum, cuius diametrus rationalis est, penta-
gonum aequilaterum inseribitur, latus pentagoni recta
est irrationalis minor quae uocatur.

Vq. 7. &o nel P. AN] 4 corr. ex 4 m. 2 B.
10. »al 9 — éomy lon] bis P, corr, m. 1; supra m.'1 V.
dory ion| &oo lon docl V. 11, 7¢) om. P. A4KB] 4ABK
12. % moog ©i A] om. V; 7 vmwé NAK Theon (Bbq).
13. éotlv B. KBA”" b. 14. KN4’ b, 15. evdeic
om. g. 16. B4, AN q et e corr. m. rec. b. 17, AKX
corr. ex AN XK m. rec. b. AB, BN Vq et e corr. m. rec.
b; item lin, 18, 18. B4, AN Vq et corr. ex 4BN m. rec.
b. 19. 8meg dottv P, BZ] corr. ex ZB V. 21, AK]
supra ser. 4 m. 1 b, 25, Onép £3er Seiker] om. bq.
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TEVTAYBVOV WAsvQa &Aoydg é6Tuv 1) xedovudvy
éidacnv.
Elg yoo wbxdov vov ABTAE yeqw Epovee mp
duiustgov mevrayovov leomAsvgov fyysyededm 10
5 ABI4E* Aéyw, 8t 1 100 [ABI'AE] mevveyovoy
whsvod dloyds fotww 7 xedovudvy éidocov.
Ellipde pap ©0 %évrov 10 xUxdov 10 Z equsion,
nol émelevydocay of AZ, ZB xal Sujydocay énl e
H, O oqusie, xal énelevy®o 1 AT, xel xsledo vis
10 AZ véragrov uégog 1 ZK. Gyryy 0% ) AZ- $quy dow
xel ) ZK. ¥ove 0% xal ) BZ gyvj 8y doe 7 BK
ooy forww. xel émsl loy doviv §) ATH megupépen
i} AdH mequpsgeler, v 3 ABI ] AEJ éeviv loy,
Aowwy doe m I'H Aowmfj vfj HA Zevw lon. xal éow
15 émsfevboper iy Ad, evvdyovrow Sedel al meog TH
A yovia, xol Oumdy § I'd vijg T'd. e e e
on xal af meog vd M SpPol slow, nal dwmwdy § AT
rijg M. énmel ovv ion éotlv %) Omd AAT povia v
10 AMZ, xown 0% tév 0vo teuyddvev ot ve AT4
20 %l 700 AMZ % omd AAT, Aowwy) &oe % vmd AL
Aowwf] ©fj vmd MZA éovwv len: leoydviov &ou éotl
70 AT'A telyovov 16 AMZ toiycdve’ dvdiopoy &oo
dotlv og | AT modg I'd, otvwg § MZ mgog ZA'
xal Tdv nyovuévoy T dimidewr: g &oa 7 g AT
25 duwhi] weog iy I'd, olrwg 1 vijg MZ dumwiij modg T

1. &loyog] corr. ex dvcloyov m. rec. P. 5. ABT4E]
(alt) om. P. 6. Ante &loyos eras. d»- P. 7. 14] (alt.) corr.
ex o P. 1L, #rv B. 12. d6zt Vq, comp. b. ABI'H
baq. 13. A4 H] AEAH;,bq. AEJ4] EA4 in ras. m. 2 V.

fon dotiv P. ©  14. dou] om. q. 15. zg] 76 bq.

16. 4" P. 17. z¢} 26 q, 7% supra ser. o m. 1 b. Post
M add. yovier m. rec. P.  &loe Vg,  dumdij doot 4 P.
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Nam in circulum ABTJE, cuius diametrus ratio-
nalis sit, pentagonum aequilaterum inscribatur 4BI'/E.
dico, latus pentagoni rectam esse irrationalem mino-
rem quae uocetur. ‘

sumatur enim centrum circuli Z punctum [IIT, 1],
et ducantur 4Z, Z B et producantur ad puncta H,
@, et ducatur AT, et ponatur ZK = Y, 4Z. AZ autem
rationalis est; itaque etiam ZK rationalis est. uerum
etiam BZ rationalis est. itaque tota BK rationalis
est. et quoniam arcus 4I'H arcui 44 H aequalis
est, quorum ABI'== AEA, erit 'H = HA. et ducta
Add concludimus, angulos ad 4 positos rectos esse,
et I'd=2I'4 [1I, 4]. eadem de causa etiam anguli

4 ad M positi recti
sunt, et

AI'=2IM.

lam quoniam
LAAT= AMZ,
et duorum trian-
gulorum A4I'4,
AMZ communis
est [ 44T, erit
/] L AT'd = MZA
LA [I, 32]. itaque
trianguli A'4, AMZ aequianguli sunt. erit igitur
[VI, 4] A': T'd = MZ: ZA4. et sumpto duplo prae-
cedentium erit 2A4I":I'd =2MZ:24. sed 2MZ

r

AT] supra ser. 4 m. 1 b. 19. zév] corr. ex 5 m. 1 b,
ATA] AAT BV.  20. 4AT'] 44 e corr, V. AT'4] corr. ex
AdT m.rec. B. 23. AT] TAVq., v TAV. 1w ZAV.
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ZA. &g 0 % tijg MZ dumdij meog vy ZA, otrag
7 MZ mgds ty fuicsav viig ZA* xal dg dee 1 vig
AT Oumii] meds iy I'd, obrwg % MZ mgog wy
nutesay vig ZA. wol vov émoudvev ve nuldse o
doo n tig A" Oumii modg T mulosiav vis I'4,
ovrmg 5§ MZ mgds ©6 téragrov vijg ZA. nel éome vy
utv AT dumhij v AT, vijg 0% I'd qulesie v I'M, wig
0t ZA vévagrov uégog 7 ZK- &omw dga wg § AT
moog vy I'M, ovvwg §) MZ mgog v ZK. ow-
Qévre xal dg cvvaupdrsgog § JI'M medg vy I'M,
otrws 1 MK moog KZ* xal dg &oa ©d dmd evvey-
pozégov tijg AI'M medg ©o emd I'M, oBrwg v and
MK mgog ©6 amd KZ. xal énel vijg Umd 0vo mAevoig
100 Wevtay@vov vmorewoveyg, olov rig AL, Gxgov
xal wéoov Adyov veuvoudvyg to ueifov Tudjue i6ov
devl Tf) TOU mevrapwvov mAsved, tovtier T AT, 10
0t peitov tufjue mpooiafov vy nulosiov tig OAnS
wevramhdaioy dvverar tol dmd Tig Nuieslas Tig 0ANS
xal éovev OAng g AT fulesa 1§ T'M, ©6 dge dnd
vijg AT'M og midg mevtoamideioy éove o dmd tig
I'M. &g 0% ©6 dmd vijg ATM dg widg mog v &nd
viig TM, otrwg 0slydn vo dmd vijg MK medg 70
and vijg KZ* mevvamddoiov dpa vo dnd tiig MK vov
and vijg KZ. nrdv 0% ©o dmd vijg KZ- sy pog 1
duduergos® $nrov doa xol vd amo vijig MK $yor doe
docly 5§ MK [dvvagst udvov]. xal émel tevoamiacle
dotlv ) BZ vijg ZK, mevramiaelon &ge éotlv 4 BK
vijg KZ* elxocimevramidoiov dga ©o amd vijg BK tov

1.

@ O8] ald’ &g BVb. 2. ijg AT'] vo% AT V; supra
ser. A m. 1Db

4. juloste P et b, corr. in fuden m. 1; fulen
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1ZA=MZ:Y,ZA. estigitur 24T: A= MZ:Y,ZA.
et sumpto dimidio sequentium erit 24T : Y, I'd=MZ
:Y,ZA. ot 2AT = AT, Y, I'd = I'M, Y,ZA4 = ZK.
itaque 4I': I'M = MZ : ZK. et componendo [V, 18]
AI'4+T'M:’'M=MK:KZ. quare erit (4I"+ I'M)?

:I’'M? = MK?: KZ% et quoniam recta sub duobus
lateribus pentagoni subtendenti uelut 4I" secundum
rationem extremam ac mediam diuisa maior pars
lateri pentagoni aequalis est [prop. VIII], h. e. 4T,
et quadratum maioris partis adiuncta dimidia parte
totius aequale est quadrato dimidiae totius quinquies
sumpto [prop. I], et I'M =, AT, erit (4" 4 I'M)?
= 5I'M® demonstrauimus autem, esse (41" - I'M)*
:I’M? = MK*®: KZ% itaque MK®=5KZ% uerum
K Z? rationale est; nam diametrus rationalis est. itaque
etiam MK? rationale est. MK igitur rationalis!) est.
et quoniam est BZ = 4ZK, erit BK = 5KZ. itaque
BK? =25KZ% uerum MK®=5KZ% itaque BK?

1) Uerba dvvauee pdvoy lin. 26, quae huc nihil pertinent,
glossema, sapiunt.

BV. b5 Supra AT'ser. 4m. 1bh. 7. 4AT'P.  qmosies
B, corr. m. 2. 10. AI'M] M supra ser. m. 2 ‘B. 11, o
KZ bq, ZK B, mp ZK V. 12. A4I'M] M supra scr. m.,
2 B. e M V. 13. vijg KZ V. 15. zatpnuévrs
Theon (BVbq). 18, rovtéoriy PB. 17. ngoo- in ras. m.
1b. 19, doriv] dom tijg q. 20. 7jjs] om. q.
AT supra sor. M m. 2 B; item lin. 21. g amo . éo-m
25. dou fore P. ém:'q — 26. pbrov] meog 70 dmo KZ
26. oziv] dotl nol V. 6'vvap,u pévov] déyoy yag Exee
o0y GouBuds meods douBudy ©é and tijg MK medg 70 amo (zijs
add. V) KZ Theon (BVq). 27. foz/w] (alt) om. V. 28. Post
KZ in P del. m. 1: sivoqimevramie: (-orov postea add.) doo
dotlv ) BK vijg BZ.
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and vijg KZ. msvvamiaciov 0% ©o Gnd tijg MK vov
and i KZ* mevramddoiov e to dmd tijg BK tov
and tiig KM ©o dpe damd g BK mods o dno KM
A0pov ovx e, Ov rerpdywvog dgududg moods Tergd-
yovov aeududy’ aevuusteog oo fetiv 9 BK tff KM
uijxes.  xnel éore ey éxorépe avzov. of BK, KM
doa nral slov dvvdpse udvov 6Vupergor. éov 0% dmo
dnrijg v dpaugedy] dvvdper udvov evuusrgog ovew
7i] 0Ay, 1 Aowmy dloyds dewv dmorouy® dmorouy &ou
éotlv 7 MB, mgoeagudfoven 0% atrj § MK. Aédyw
01, 8t xel vevdory. o 0% weildy dome TO dmd Tig
BK vov dmo tijg KM, &xelve loov &otwm to dmd 7S
N 4 BK éga vijg KM psifov dvvarer vfj N. xal
émel ovupergog dotiv ) KZ vij ZB, nal cvvdévr ovy-
usreds éoviv 7§ KB vjj ZB. ¢ide v BZ tjj BO evu-
uergdg éamv' xal 1) BK dge vij BO eduusteds dotiv.
nel émel mevvamAdaidy éeve 10 dmo vijg BK tov émo
zijc KM, ©0 &go dno vij¢ BK moog 7o dmo vijg KM
Adpov s, Ov & mods &v. dvacreipavrs dge To GWO
tijg BK mgdg v0 amd vijg N Adpov &ys, ov T mpos
3, oby Ov terodymvos meds TETEdywVOY® AEVUUETEOS
dpo Zotlv §) BK ©fj N* 9§y BK &pa vijg KM peifov
dbvaras 16 dmo devpuérgov favrf. émel otw 8y 4
BK vijs mooceguobovens tiig KM upsitov dvvaza 70
and aovpuitoov favry, xel 6An % BK evuucrods ot
i} duxepévy Gyrh vij BO, dmovous) dee tevdgry otly
7 MB. 0 0% Umo Qnriig xel dmoroudjs vevdQrNS

- meguegdpevoy SgBoyaviov dloydv fetww, xal 7 Ovva-

2. BK] B corr. ex I'm. 1 b. 8. KM] (alt.) MK b; zijs
MK Bq, s KMV. 5.84mlvJom. V. XBP. 6. éeuv PB.
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= BKM?3 itaque BK? ad K M® rationem non habet,
quam numerus quadratus- ad numerum quadratum.
itaque BK, KM longitudine incommensurabiles sunt.
et utraque earum rationalis est. itaque BK, KM
rationales sunt potentia solum commensurabiles. sin
a recta rationali rationalis aufertur toti potentia solum
commensurabilis, quae relinquitur, irrationalis est, sci-
licet apotome. itaque MB apotome est et ei con-
gruens MK [X, 73]. iam dico, eandem quartam esse.
sit enim N2 = BK® -+ KM? itaque BK®= KM?*
+ N2 et quoniam KZ, ZB commensurabiles sunt,
etiam componendo KB, ZB commensurabiles sunt.
uerum BZ, BO® commensurabiles sunt. itaque etiam
BK, BO commensurabiles. et quoniam BK? = 5K M2,
erit BK?: KM?®=5:1. conuertendo igitur [V, 19
coroll.] BK?: N? = 5:4, quae non est ratio quadrati
ad quadratum. itaque BK, N incommensurabiles
sunt [X, 9]. quadratum igitur rectae BK quadratum
rectae KM excedit quadrato rectae ei incommen-
“surabilis. iam quoniam quadratum totius BK qua-
dratum rectae congruentis KM excedit quadrato rectae
el incommensurabilis, et tota BK et B® commen-
surabiles sunt, MB quarta apotome erit [X deff. tert. 4].

KM] K corr. ex M m. 1 V. 7. slow B. 9. dom nu-
Asizoe 8¢ bq.  amorows]] om. BV, 10. foziv] om. V.
11, 37] o¢ B. &7) yég BV. dorww P. i) om. q.
14, ZB] Z in ras, m. 1 P. 15, ZB] BZ Bq et supra ser. 4
b.  16. oz PBVgq, comp. b.  Dein add. prxer BV.
wol — éoriw] mg. m. 2 ins. ante mijnee B. 4oz Vq, comp.
Bb.  18. %] (alt.) =éw V. = 19. 5] mévre q.  Ev] & BY,
o & b.  20. 7] v V. 21. 6v] 6 Db. 23. vpuérQov
q et P, sed corr. m. rec. 25. Ante BK eras. K P. agvu-
petgos B. 27. BM P. 28. 4ot Vq, comp. b.
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uévn avrd &Aoydg éotiv, xedstven 0F fddrrav. Ov-
vazor 0% ©0 vwo tav OBM 4 4B dwx 1o émbsvyvr-
uévng tiig A® leoywviov piveedar 1o ABO tolyavoy
9 ABM roiycdve xal evar og thv @B mgdg
5 BA, otrwg v 4B mgog viv BM.
‘H dge AB vov mevtaysdvov misvga &Aoydg éony
%y wedovudvy drreov: Gmep &0e dsifo. '

of’.

‘Exv &lg xdudov tolywvov (edmievgov &y-
10 yoa@f, 7 TOD TQLYy®vov mAsvoa dvvduer ToL-
mhaclov 867l vic éx Tob %fvrgov oD xVxAOV.
"Eevw xvxdog 6 ABT, xal sy avtov tolyovoy
leomhsveov éyyeyoipdm ©0 ABI™ Adyw, ot tov ABT
Touyvov wla mheved Ovvdusr Tumiadiov dotl Tig &

15 T0v xévrgov 100 ABI xvxiov.
Eilijpde pap 10 xfvrgov tov ABI' xUxiov 0
4, xel émbevydston 7 AA Sujyde il vo E, xel
émstevydw 1 BE. %ol énmel lodmievodv dote 16 ABT
tolywvov, 7 BEI dge meoupéoeie tolrov udpog éorl
20 vijg To0 ABI xbxdov megupeoeleg. 1 doa BE meg
péocte Extov €otl uégog Tig Tov xvxAov megupsgelns’
fayivov oo fotlv 7) BE eb®cia- loy doa fotl tj
éx 1ob %ivrgov vff AE. xol émel OumAy fomwv 1 AE
tiig AE, tstgamhdody éors to dxd tig AE voi dmo

1. ort BV q, comp. b. 2. zd] om. B, add. mg. m. 2.

, ©B, BM Vq. 3. ylyvesdar V, 40B q. 4. Q-

y@ve] om. b. B@ q. 5. 77j»] (prius) corr. ex # m. 1 P.
6. éo‘tf'v] om. P. 7. mlevee #drrwy b, 11. douiv P.

13. éysyedodn (sic) ledmisvoor b, supra scr. p— . 7 700 BV.

16. ABI') om. V. 16. 4BI'j om.BV.  20. xduiov] om. 4.

22. éfdyovogB.  Post prius Foa add. nleved V. éavtv PB-
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rectangulum autem rationali et quarta apotome com-
prehensum irrationale est, et recta, cuius gquadratum
ei aequale est, irrationalis est uocaturque minor [X,
94]. uerum 4B® == @B >< BM, quia ducta 4@ trian-
guli 4BO, 4BM aequianguli fiunt [VI, 8], et est
@B:BA4d=AB:BM [V], 4].

Ergo 4B latus pentagoni irrationalis est minor
quae uocatur; quod erat demonstrandum.

XIIL

Si in circulum triangulus aequiangulus inscribitur,

latus trianguli potentia triplo maius est radio circuli.

Sit circulus 4BI, et in eum triangulus aequi-

A angulus 4BI inscribatur [IV,

/ T\ 2]. dico, latus quoduis trian-

y guli 4 BI'potentia triplo maius
esse radio ecirculi 4BI.

4 sumatur enim 4 centrum

circuli 4B [I1I, 1], et ducta

B /1’ AAd ad E producatur, et du-
- catur BE. et quoniam trian-

E gulus 4BI" aequiangulus est,

arcus BET tertia pars est ambitus circuli 4 BI. itaque
arcus B E sexta pars est ambitus circuli.!) itaque hexa-
goni est recta BE. quare BE =4 E [IV,15 coroll]. et
quoniam AE = 24E, erit AE?=44E?=4BE”

XII. Theon. in Ptolem. p. 183.

1) Nam AT'E = ABE et arc. 4" = 4B.
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tijs Ed, vovtéer. tov amd tijg BE. icov 0% 10 dno
vijg AE tolg émd tdv AB, BE' wva &pa dmo tév
AB, BE tevgamlaoie 6ve tov amd vijs BE. dushovu
doa ©6 dmo 11"1'9 4B 'rgmia'o‘tév é6te Tov dmd BE.
io‘n 0t 7 BE 'ny AdE* t6 dga and vijg AB mmla-
6ov éote TOD Ao 'mg AE.

‘H &po tov toupmvov mlevex Ovvdus 1gmlama
dotl Tijg &x Tov %Evrgov [vo¥ xVxAov]" Smsp éde deiku

o'

IMvgapida cverijoacdar xal cpaige meQL-
Aofety 17 dodeiey xal dstbar, Gve ) vijg dpai-
oag OraueTgog dvvapsr quiodle ezl Tijg mwAsv-
edig Tig mvoauidog. '

‘ExxeloBeo 7 vijg dodelong cpelpas Oudpsros 1
AB, xel terpiode xove to I' enusiov, dore dimhe-
olov &lver iy AT vijg I'B* xel yepodode éml i
AB funvriiov vo AAB, xal fydw dnd tov I ey
pelov v} AB mdg bedag § I'd, xel émetebydm 1
AA" xol énxsloda wvwdog 6 EZH loqv Egov vy
éx vob #évrgov v} AT, xel éyyepodopdm sl vov EZH
xUxdov telyavov (eomisvoov ©0 EZH- xul elhjpdo
70 #évrgov Tob xUxAov T0 @ enusiov, xal émslevydo-
eov of EO®, OZ, OH' xol dveerdro émd rov @ oy
pelov 76 tob EZH wixdov émiméde medg deddg 7
OK, xal dppeiodw dmd vis OK vy AI' sbdely loy
% OK, xal nelevydocay of KE, KZ, KH. xol éuel

4. dumldeidy b. domv P, ano ijg V. 5. dumhe-
Guw b. 7. dinlecle b, mmlao'[wv V. 8. éatw P.
zod wvzlov] om. P. 10. Ante xaf ins, éu zso‘memv mtymmv
{somhedgwy mg. m. 1 pro scholio P.  cgaigay b.  12. ety
P. 14, éunslo@w] prius = supra ser. m. rec. P. 15. Ante
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uerum AE?= 4B?-- BE? [III, 31. I, 47]. itaque
AB?+ B E?=4 BE? subtrahendo igitur 4 B*=3BE*
sed BE = A4E. itaque 4B?®=34E%

Ergo latus trianguli potentia triplo maius est radio;
quod erat demonstrandum.

XIII.

Pyramidem construere et data sphaera comprehen-
dere et demonstrare, diametrum sphaerae potentia
sesquialteram esse lateris pyramidis.

Ponatur 4B diametrus datae sphaerae et in I'

puncto ita secetur, ut sit 4I"'=2I'B [VI, 10]. et in
A B semicirculus describatur

4
AAdB, et a I' puncto per-
pendicularis ducatur I'Jd,
et ducatur 44. et ponatur
lr circulus EZ H radium aequa-
4 E B
lem habens rectae AT, et

in circulum EZ H triangulus
aequilaterus inscribatur EZH

[IV, 2]. et sumatur centrum

_ circuli punctum @ [III, 1],
z A jy et ducantur 0, OZ, OH.
' \—/ et in @ puncto ad planum

. circuli EZ H perpendicularis

erigatur @K, et a @K rectae 4 I aequalis abscindatur
@K et ducantur KE, KZ, KH. et quoniam K@ ad

XII—XVIL Hero def. 101, 2.

nazd del. o4y m. 1 (et m. rec.) P. 16. zijg I'B] mg. postea
add. m. 1 P, 73 BI' V. natoyeyeiigde P. 17. on-]
supram. 1 b. 19, EHZV. #o» q.  20. #x] supra m,
1P 22 xévrgoy b. 25, dpagriedn P.

Euclides, edd. Heiberg ot Menge. IV. 19
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5 K® S99 éove medg 6 vov EZH uixhov émimedov,
xel wedg macag dpa Tag amvoudveg avrijg evdelug
xel ovoeg v te tob EZH xvxdov mméde g
mwowjos, yovieg. dmrerar 0% avrig éndery rov OF,
®Z, OH' v OK oo meds éxdevny tov OF, OZ,
@H 091 doviv. xal émel lon éotly % piv AT 1
OK, 1 0t I'd vj] OF, xai dpdds yoviag megiéyovew,
Bieg doo § AA Pdoe v KE dovwv ilay. due e
avre 0f wol éxarépe vov KZ, KH ©fj A4 6w loy’
af teels doo of KE, KZ, KH ioas aldfAoug eloiv.
nel émel Oumwdv) dovw M AT viig T'B, toumdyj Gga 0
AB vijg BI. &g 0% 77 AB mpog v BI, otrwg 10
amd vijg A4 mog v dmd vig AT, &g éfg derydi-
osTat.  TQUTALGLOV &Qe TO 4mo Tijg A Tov émd Tig
AT, dove 8 xal ©0 dnd vijg ZE tov dmd wijs EO
rgiwhdaiov, xui éotwv lon 1§ AT v E@° loy oo el
w 44 v EZ. éihe n A4 éxdery vév KE, KZ,
KH eiydn lon xal éxdory doa vév EZ, ZH, HE
énaery vév KE, KZ, KH éonwv oy l6émAcvoa &gu
dorl 1 téeeagn volyove ve EZH, KEZ, KZH,
KEH. mvgapls dgu ovvésratas éx tededomy 7oL
ydvev (Gomievouy, g fdeig uév v v5 EZH roi-
yovov, xoguey 0% ©0 K oqusiov.

det 0 edry xol opaipy megidafeiv tij dodeioy
xal Oetbat, Ote 7 Tijg Gpalgug diduergos utodla 0Tl
dvvduer i) TALVEAS Tijg mvgauldog.

1, doriv P. 2 doa] #n V. adrijg] corr. ex avuis m.
2 B. 8. EZH® Bb. 5, %7 @K — 6, @H] mg. m. 2 B.

5. K] @ e corr. m. 1 b, 6. ozt Vq, comp. b.
7. wegeégovar Vhq. 8. J4] Aecorr.m, 2 P. 9. oy xel af

q. 10, dddjloss V.  slf q, comp. b.  11. toemdsi] dmhi]
b.  13. Post 4I" add. P: énsl ydo Zovev g % AB.meos AT
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planum circuli EZH perpendicularis est, etiam ad
omnes rectas eam tangentes et in plano circuli EZH
positas rectos angulos efficiet [XI def. 3]. tangunt
autem @E, @Z, @H. OK igitur ad singulas OF,
®Z, ®H perpendicularis est. et quoniam AI' = @K,
I'4 = @E, et rectos angulos comprehendunt, erit 4.4
= KE [I, 4]. eadem de causa etiam KZ = 44 et
KH= Ad4. itaque KE= KZ = KH. et quoniam
‘Al = 2I'B, erit AB = 3BI. sed AB:BI'= AA*
: AI'? ut postea demonstrabitur [u. lemma]. itaque
AA*? = 34T uerum etiam Z E? = 3 E®? [prop. XII].
et A4I' = E@. itaque etiam A4 = EZ. demonstra-
uimus autem, esse 44 = KE = KZ — KH. itaque
singulae EZ, ZH, HE singulis KE, KZ, K H aequales
sunt. quare quattuor trianguli EZH, KEZ, KZH,
KEH aequilateri sunt. ergo ex quattuor triangulis
aequilateris pyramis constructa est, cuius basis est
triangulus EZH, uertex autem K punctum.

oportet igitur eam etiam data sphaera compre-
hendere et demonstrare, diametrum sphaerae potentia
sesquialteram esse lateris pyramidis.

ovrmg (corr ex ovrog m. 2) 70 omo d4 1:909 0 amd A 1"
avuargstpavn og 11 AB moos BT, ovrmg 10 dmo Ad ngog 70
and AT 1dem mg. m. 2 B (B4 pro priore 4B, AI' pro AT),
add. in fine dg éEfg Oaydceron, sed 1ns post Osiy@rjoeras
lin. 13; eodem loco haec uerba émsl yde — OdsyficeTer in
texta hab. V (B4, wv AT, zijs A4, tijg AT), sed megirriw
add. m. 2. - 16, Zemw PB. 17, 44] 44 P. 7] tijs
P. 18. HE] corr. ex HO m. 2 V, HO q. 19. KE] EK
q. lon oo el q. 20. doziv B. régocoe B. KZH]
KEH q et V (E e corr.). 21. KEH] KZH q et V (ZH
e corr.), KHO® B. ovvlerazar BVb. Post zpwmwv add.
isov el Vq, m. rec. B. 22. % q. 25. dvvdpus fuodle

doti V. dotiv P.
19%



292 ZTOIXEIQN .

‘Exfeflijedo pop én' eb8clug vfj KO ehdeln q
@A, xoi xelodw v I'B log 5 @A xal émel éanw
og 7 AT meog iy I'4, otrwg % I'd meog v I'B,
lon 0t 5 pdv AT =5 K@, % 6t I'd jj OF, % 8
5 I'B tf; @4, f6tww dga dg § KO mpds v OF,
ottwg 7 EO meds iy @A4° vo dga vmd rov KO,
@ 4 ieov éotl td amd viig EO. wnal éomiv Soi) Exe-
tépe tdv vmo KOE, EOA yondv: 1o doe ém vis
KA poapdpsvoy juinvxdiov ke xel dix vov E [éne
10 drjmeg dov émibevbwpsy iy EA, bod% plvevas 4 vmo
AEK yovie Owe vo (eopdviov plveader ©o EAK
Tlyovov Exarige Tty EAG®, EOK toipdvav]. éiv
07 wevovens vijs KA megueveydtv o quunvxdiov &g
0 aurd mEdw Gmoxerecrady, Sdev fokaro pégeodai,
15 ke nol 0w tdv Z, H enpelov émisvyvvudvay thy
ZA, AH xal 399y duolwg ywoudvov Tdv meds 7ol
Z, H yondv' xel &ovar 7 mvgauls 6pelon meQist-
Aquuévy T dodelop. 7 pae KA vijc cpalpag Oud-
uetgos lon dorl tjj tiig dodelons epaigas diauiren
20 5} AB, énediimeo ©f ptv AL ley xsiven 3 KO, 7j
ot T'B 4 0. '
Aéyo 07, 6re % tiig opalpwg Jidusvgog NLoAly
éotl Ovvaps tiig wAsvedg Tijs mvgauldog.
‘Emel pog Oumdi) dovwv % AT wijg T'B, toumhi &g
98 dotiv 1) AB vijg BI" avasteépeve fucoiie Gou dotiv
5 B4 ©ijg AL. &g 6% v BA meds wiy AT, otrws
20 dno tijs BA meos ©o dmd viig AA [émedijmeo Emi-
Esvyvvuévng tig AB ot g ) BA moog v A4,
ovtwg § JA meos iy AL dw Ty Spoidryre TGV

1. zjj] seripsi; =g PBVbq. 2. @4] supra ser. 4 m.
1 b, éxwelodw q. 5. doe] e corr. V. 6. Ante E® del.
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producatur enim recta K@ in directum et fiat ©4,
et ponatur ® 4 = I'B. et quoniam est 4I": I'd = I'd
:I'B [VI, 8 coroll], et A'=K®O, I'd=0OE, I'B
= @4, erit KO:OFE = E®:04. itaque KO > 04
= E®*® [VI, 17]). et uterque angulus K@E, E@ 4
rectus est. itaque semicirculus in K4 descriptus etiam
per E ueniet.’) itaque si manente recta K4 semi-
circulus circumuolutus rursus ad idem punctum refertur,
unde circumuolui coeptus est, etiam per puncta Z, H
ueniet ductis rectis Z4, AH, quo facto anguli ad
Z, H positi et ipsi recti fiunt. et pyramis data
sphaera erit comprehensa; nam K4 diametro sphaerae
AB aequalis est, quoniam posuimus
K® = A4I, ®4=TB.

iam dico, diametrum sphaerae potentia sesquialte-
ram esse lateris pyramidis.

nam quoniam A4I'=2T"B, erit AB=3BI. itaque
conuertendo BA = %, AI. uerum BA: A= BA*

1) Hoc ex VI, 8 concluserat Euclides; nam quae sequuntur
lin. 9—12 male cohaerent et subditiua uidentur, sicut etiam
lin. 27 — pag. 294, 8. ibi Euclides tacite usus erat VI, 4 et
V def. 9. quae leguntur, et re (cfr. lemma) et uerbis (sivey
pag. 294 lin. 1) offendunt.

&m 1P 1. 4etl] douiy P. 8. KOE] K@ B; corr. ex
KO, @E m. 1 P. E@4] corr. ex E@, @4 m. 1 P,
10. ylyverar P. 11. AEK] EAK B, corr. m. 2. ylyve-
e Vb, 12. EXO P. 16. Z4] Z corr. ex A m. 1 V.
) yiyvouéveoy Pb. 17. douv P. 19. ety P,

23. fotiv PB. 24, 7ijc] 4 b. dundij b. doe 56‘5{1/%
dox V, fouiv dou B. 26. BA] (prius) 4B V. 7Qog TNV
bis P. 28, 4B] in ras. V, 4B b et B, sed corr. B4]
corr. in B4 Bb.
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AAB, AAT toyyevev, xel &vor og vy meory
mdg TY TElTNY, OUTwG TO AWO THg MQUTYG 7QO§ 70
amo vijg Osvtépeg]. Nuiddiov Eoa xel o dmo i B
100 and tijg Ad. uel doviv 5 uiv B A % vijg dodelong
5 6puigag OdusTgog, § 08 A ion ti whsved vig mv-
gauidog.
‘H aga tig opalpag Ouduergog fuiodle éovi tig
ndevods Tijs mvgauidog® Omeg £0& dsifou.

Afjppa.
10  Adexzéov, Sv éotlv dg §) AB medg vy BI, ovrag
10 omd tijg A4 medg To awd vijg AT.

‘Exxslédo pag 7 100 funvrilov xaraygegr, xal
émelevydw 7 AB, xal dveysyodede dmd tig AT
rerpayovoy vo ET, xel cvumenlnodeda ©o ZB mug-

15 addgAdygappor. émsl otv did td loopdviov elver ©o
A4AB volyovov 6 AAT touydve oty ag 7 B4
neos ™y Ad, obrwg 1 A4 medg iy AT, o dgu
omd vov BA, AT leoy é6vl v¢ dmd vijg Ad. xel
émel domwv dg ) AB meog v BI, otrwg w0 EB

20 mwedg v0 BZ, xal é6tt to wiv EB o vmo védv B4,
A leny yog § EA off A" ©6 08 BZ ©6 vmé vav
AT, I'B, dg ége % AB mgog oy BI, oUrag 10 Um0
Gy BA, AT mgog 16 w6 tév AL, I'B. xal éomt
©o v Umd vév BA, AT leov v¢ dno thg Ad, 0

25 0% Um0 vdv AI'B loov v dmd vijg A % pag AT
xadeTog T Tig floswg Tunudrov vy AT, I'B piey -
dvdloydy éore die 10 Sedw elvaw vy nd AAB. o3

4. 7] (alt) om. q. 5. 44] om. b. 7. Svwduee fueolle
Gregorius. 9. Ajupce] om. codd. 18. 4B] supra scr. 4
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: A4? itaque BA? = 3,44% et BA datae sphaerae
diametrus est, 44 autem lateri pyramidis aequalis.

Ergo diametrus sphaerae potentia®’) sesquialtera est
lateris pyramidis; quod erat demonstrandum.

Corollarium.

Demonstrandum, esse 4B: BI' = A4%: AT
exponatur enim figura semicirculi, et ducatur 4B,
et in AI' quadratum EI" describatur, et expleatur
_ parallelogrammum  ZB.
4 lam quoniam est BA: A4
=dA4: AT, quia J4B
~ A4 [VI, 8. VI 4], erit
BA>< A'=A4*[V], 17].
4 £ B et quoniam est 4B:BI’
= EB:BZ[V] 1], et EB
=BA>< A (nam EA
= AT"), BZ = AI'><TB,
erit 4B: BI'=BA>AI"
E 7 J tAI'>< I'B. et B4 >< AT"
=AA4* AT}XI'B=ATI®
nam perpendicularis 4I" media est proportionalis par-
tium basis AT, I'B [VI, 8 coroll.], quia rectus est

1) Uoccabulo dvwvéuse aegre quidem caremus, sed fortasse
tamen audiri potest.

m. 1 b 14. ET'] corr. ex BI'm. 1 B. 20. dotiw B.
21. yag éory V.. 23. éomv B. 24, 7} g V. _ @] 76
. Ad) sic,sed mg. m. 1 4Bb. 256 AI, I'B BV.

i
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doa ) AB meog v BT, ovrwmg ©o dmo tig A4 mpos
t0 and tijg AI™ Gmep &der dsita.

0.

Oxvdedgov cuverioacdar xal 6palon megi-
5 Aafeiv, 1 xal t& modrega, xal deitar, 810 9
vijg opaigas didpsTpog dvvduss dimiacia éoti

tijg mAevodg Tov SxuTaddgov.
"ExxcicBo 7 vig Oodelong cpaigag Oiduergog 7
AB, xol verpfedeo Olige xeve 16 I, xel pspodede
10 émi g AB Nuuxvriov ©0 AAB, xal fyde dmd vod
I ©i} AB modg bpdas o I'd, xal émstevydo o 4B,
xal fuxslodo vevodywvov o EZHO loyw Eov énd-
ot oY wAsvowy 1 AB, xal émelevydacay of OL,
EH, xel dveerdro and vov K enuelov vé vot EZHO
15 tergaywvov miméde medg Sodag esvdsiw 3 KA xal
dujyBo énl ta Fsga ufon tob mmédov dg 1§ KM,
xol donofode g’ Exarépag tiv KA, KM wé tov
EK, ZK, HK, OK i éxarépa vov KA, KM, xal
énstevydwoay of AE, AZ, AH, A®, ME, MZ, MH,
20 MO. xol énel ion éoviv ) KE vfj KO, xal forw
do9y 1 vmd EK®O ypavie, ©0 &oa dmd tijg OF O
whd61dv ot Tob dmd viig EK. mddw, émel loy dovy
7 AK =fj KE, xal éovwv S99y 4 vmd AKE yovie,
10 &ga amd tijs EA Ouwhdeidy éore tov amé EK.
25 80siydn O xel ©d dmd tijg @E dumideiov tod dmd

2, onsg #0se deitor] om. V. Figura lemmatis fuit in
L. 8. 18] & L. 4. svvorijoncdes P, corr. m, 2.
5. ta medrsea] v mvpaplda Theon (LBVbq), yo. % xal T
mvgaplde mg. m. 1 pro schol. P, 6. tiig] om. b doviv
PLB. 8. dodsiong] om. q. opaloas] cpealgns 7 AB L.
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L A4 B [111,31]. ergo AB:BI' = AA4?: 4I'*; quod
erat demonstrandum. _

XIV.

Octaedrum construere et sphaera ‘comprehendere
sicut priora et demonstrare, diametrum sphaerae po-
tentia duplo maiorem esse latere octaedri.

ponatur datae sphaerae diametrus 4B, et in I’
in duas partes aequales diuidatur, et in 4B semi-
circulus describatur 44 B, et a I' ad
AB perpendicularis ducatur I'd, et
ducatur 4B, et exponatur quadratum
EZH® singula latera rectae 4B
aequalia habens, et ducantur @Z,
EH, et in K puncto ad planum qua-
drati EZH® perpendicularis ducatur
recta K4, et ad alteram partem plani
producatur ut KM, et ab utraque X4,
KM uni rectarum EK, ZK, HK,
@K aequales abscindantur K4, KM, et ducantur 4E,
AZ, AH, 40, ME, MZ, MH, M®. et quoniam
KE =K@, et [ EX® rectus est, erit [I, 47] @E*
= 2EK* rursus quoniam AK = KE, et [ AKE
rectus est, erit E4® = 2EK?® [id]. demonstrauimus

XIV. Pappus V p. 414, 7.

11, I'd] 4 e corr. V. énstev q. 12. #xsic@m supra
ser. # m. 1 P, 13. 4B] in ras. V, B4 B. ®Z] Z6 LBbD.
16. péen] om. V. 17. xel] om. L?  wed — 18. KM]
om. L. 18. EX] KE supram. 2 B, KE V. ZK] KZ
BVgq. KH, X6 BV. 22, éonv L. 23. KAE b.
24, Post EA ras. 1 litt. P.  édom»' L.  17c EX LBV.
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vijg EK" ©o doa amd vijg AE loov Zoti vd dnd ig
E®- lon dga éatlv 7y AE jj E®. 0w va avte O
xel § A@ ] OF éovwv lon leémAevooy e Zoti 70
AEQ® tglywvov. opoiwg 01 dsttousv, Ot nel Exagrov
b vy Aouwdv Touydvev, dv Pdesig udv elow of Tov
EZHO tevgayovov mhevgal, xopupal 0% v A, M
onueie, (6omAsvoov doviv dxrdsdgov dga euvéotava
Db Sxred TOUY@veY (Gomisvony meguexdusvov.
Asi 0 avrd kel opalpe meguhafsiv T dodeloy
10 xal Oeifor, 67e 3 vig opalpas didusrgog dvvduss Oi
mdeolov éotl Tig ToD Oxvaédgov mAsvods.

‘Ensl yap of toeis af AK, KM, KE i6os alhij-
lawg elolv, v0 Hoo éml vijg AM poagiusvov fuix-
shiov Tikee xal Ot To¥ E. xel e ve aved, éw

16 uysvoveng tijs AM meguevsydiyv o fuuvxAloy &g T0
avrd amoxavadredf, odev fofaro giosadar, nEs xal
0wt tov Z, H, O enusiov, nal dotar cpalpy msguéi-
Aquugvov 70 dxvdedgov. Aéyw 04, Gri i vfj dodeloy.
énsl yao lon éotlv ) AK tfj KM, xowi 0% ) KE,

20 xel yoviag dpdag meoéyovoiy, fdeig Hge 1 AE fioe
vfj EM éonwv ion. xel émsl 0pdvj demww %) vmd AEM
yovia: &v quxvrdie yie* ©d g dno vijg AM dumhd-
6idv éot Tov and vijg AE. miédw, émsl loy éetiv q
AT i I'B, dumdaoile éovlv 1) AB vijg BI. dg 0t 1

26 AB moos tyv BI, otrwg ¥l dmd tijs AB mgdg 10
amo wijg BA* dumddeiov dou dotl 1o dmd tig AB Tov
and tijg Bd. - &0elydn 0% xal ©6 dmo vijg AM dimhd-
gov 1ob and tiis AE. xal v leov 1o dmd IS

1. doriv L. 2. ée6ztv] om. V. 3. doriv L. 5. Post
av add. &i b.  Pdeg L et B, sed corr. m. 2. derww L.
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autem, esse etiam @E® = 2EK?® itaque 4E® = E@°
quare AE = E®. eadem de causa igitur etiam 46&
== @E. quare triangulus 4 E® aequilaterus est. simi-
liter demonstrabimus, etiam reliquos friangulos, quo-
rum bases sint latera quadrati EZ H®, uertices autem
puncta 4, M, singulos aequilateros esse. ergo octa-
edrum constructum est octo triangulis aequilateris com-
prehensum.

Oportet igitur data sphaera idem comprehendere
et demonstrare, diametrum sphaerae potentia duplo
maiorem esse latere octaedri.

nam quoniam tres rectae /K, KM, KE inter se
aequales sunt, semicirculus in 4M descriptus etiam
per E ueniet. et eadem de causa si manente 4M
semicirculus circumuolutus ad idem punctum refertur,
unde circumuolui coeptus est, etiam per puncta Z, H,
@ ueniet, et octaedrum sphaera comprehensum erit.
iam dico, etiam data id sphaera comprehensum esse.
nam quoniam 4K = KM, et KE communis est, et
rectos angulos comprehendunt, erit 4E = EM [I, 4].
et quoniam [ 4 EM rectus est (nam in semicirculo est)
(III, 31], erit AM®=2A4E?® [I, 47]). rursus quo-
niam AI'=IB, erit 4B =2BI. uerum 4AB:BI
= AB*: B4? [VI, 8. V def. 9]. itaque 4B* = 2B4%
demonstrauimus autem, esse etiam 4M? = 2 AE% et

6. nogvp1 Pq. 7. leémlsved bq. 8. mequegouévor P,
corr. m, 1. 11, doviv L. 12. Post yde del. dozwv m. 1 P.

at] (alt) e« (¢?) L. AK] K4 b, 18. elof Vq, comp.
b. 17. Z1 E, Z P. 20. wegtéyovee Vbq. 21, 7] om.
qQ 28, éori] om. V, doruw L. 24. ziig] ¢ in ras. 2 litt. m.
1P, zijq. 26. B4] 4 in ras, V. dunddoioy — 27. BA]
om. L, mg. m. 2 B. ]
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AB v ano iz AE* len yoo xelves 7 EO vfj 4B
igov &ou xel ©o dmd i AB v dmd THg AM: oy
Goe 7 AB tij AM. nel ot % AB % vijg dodeiong
epaioeg Oieuergog” 1 AM dgo ion éotl g vijg do-
Qelong apalgas dieusrop.

ITsguelAnmren Goe %0 Sxrdiedoov T dodelon opuips.
nal @vvamodédewnrar, Gtr 1) Tijs Gpaigag diduetgog Ov-
vius dimdadiov éotl vijs 10U Sxraédoov mAsvods® Gme
£der Oettat.

oe’.

K¥Bov overijoacdat xal 6paloa megidafeiv,
7 el vy mvoapide, xal dstlar, 870 4 vijg opui-
pag Oiaperoog Ovvaus: roimiadlov éotl Tig
oV xvfov mAevods.

Euxclodo 1 vig dodelong oalpas Oudustgos 1
AB nol terwiedo xere 16 I' dore dumdijy slvew vy
AT vijg I'B, nal yspoepdon éml vijg AB fundriiov
©0 A4B, nol énd tov I 7fj AB mgog dgdag fydw
9 T4, %ol émelevydo 1 4B, nol dexelcdo tevodyovoy
v0 EZH® lony ¥ov iy mhsvgev vjj 4B, xal dnd
rov E, Z, H, @ 16 vod EZHG® rerpaydvov émnide
medg bodag fydweav of EK, ZA, HM, ON, xal

1. 4E] supra scr. 4 m. 1 b. 4B] supra scr. 4 m.
1b. 2. fouv dea P. 3. 5] (tert.) om. b. 4, douiy P.
7. ém 7] corr. ex Gz¢c b m. 1. 8. Omeg &0eL Oeibon] omp.
V, 8mee #dy B. 11 wdulov q.  ovworijowchas P, 12. )
om. b. v mvgaplda] ta mgdreeor Theon (BVbg).
13. touxdi] Bab, comp. V. foriy PB. 15, #] (prius) postes
add. m. 1.-P‘, 19. 4B] 4B b. 20, &gy P, corr. m. 2.
ziv] éxdotny Vq. 21, 7¢ tob EZH®] supra m. 2 P
dminédov B, corr, m, 2. 22. xal] seq. ras. 8 litt, V.
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4B? = AE*; supposuimus enim esse E® = AB.
itaque etiam A4B? = 4M? quare 4B=AM. et
- AB diametrus est datae sphaerae. ergo 4 M diametro
datae sphaerae aequalis est. :

Ergo octaedrum data sphaera comprehensum est;
et simul demonstrauimus, diametrum sphaerae potentia
duplo maiorem esse latere octaedri; quod erat de-
monstrandum.

XV
Cubum construere et sphaera comprehendere, sicut

pyramidem, et demonstrare, diametrum sphaerae po-
tentia triplo maiorem esse

E G latere cubi.
SN ¥ Exponatur diametrus
N datae sphaerae 4B et in
| Z H  I'ita diuidatur, ut sit 4T
4 M = 2I'B[VI, 10],et in 4B
semicirculus  describatur
_ AAB, et a I ad AB per-
4 I B pendicularis ducatur I'4, et

ducatur 4B, et exponatur
quadratum EZH® latus rectae 4B aequale habens,
et in E, Z, H, @ ad planum quadrati EZH® per-
pendiculares erigantur EX, ZA4, HM, @ N, et a singulis

1) In B figura textus eadem est K N
ac nostra, sed in mg. m. 1 haec
figura descripta est additis verbis: 5
dv &1l 6 nifos oBrog.
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&q)ngﬂﬁﬂw amd éxdgorng vov EK, ZA4, HM, ON wé
tév EZ, ZH, H®, OF ion ixcory tdév EK, Z 4,
HM, ON, xal énstevydooay af KA, AM, MN, NK:
#vfog &oa ovvéerarar 6 ZN vmd ¥ vevpaydvay isav
meoieyopevog. Ot 0n avrov xal e@alpa mepihafeiv
vij dodelon xel deibar, Otv 3 Tig Gpalpes duduetoog
dvvduer touwdacle é6tl Tig mAsvedg Tov xvfov.
Enetevydweay yag of KH, EH. xal Znel do8
dory %) vnd KEH yovie de 76 el v KE dodp
sivar moog t0 EH émimedov dniady xal moog tiv EH
evdstav, ©0 koo éml vig K H poagdusvov nuuxvxiioy
7t xal Oie Tod E onuelov. mdlw, émsl ) HZ S
dott meog Exarépay tdv ZA, ZE, xal meog vo ZK
dga Enimedov 0991 fovww 9 HZ: Gors nal éav émi-
Letbopey Tyv ZK, 0 HZ bp9y éorar xal moos
v ZK' xal 0w tobro mdiw o éml tijg HK yeo-
plusvov Nuixvxdiov ke kel O Tov Z. Owolwg uwl
O tov Aomdv rot wbfov enusiov Tks. div O
uevovens viis KH megusveyddtv 6 nunvndiov &g ©0
adrd Gmoxeracradil, 09ev fotaro glpeador, EoTor
opaloe megetAnuuévos 6 xvfog. Adyw dvf, Ove xal tj
dodeloy. énel yap ion éovlv ) HZ =jj ZE, nal éonw
b9 7 mweos td Z yovin, vo Hea dmd viig EH 0
mAaady ot tov amd vijg EZ. oy 0t 5 EZ vj) EK
©0 dga amd tiig EH OumAdeidv éore tov dmo tiig EK
@ore te ano tov HE, EK, tovtéers o and tig HK,
rouddaiov éty Tov dmd tiig EK. xal émel voumdo-
olov éotlv 4 AB viig BI, dg 0% % AB mgds wy

1. dopeiedwser BVbq. 4. owistazar V? ZN] N
in ras. m. 1 P, 7. toumdacioy P, 8. KH] corr. ex KN
m 1B, KN q. 9 z7] corr. ex zé m, 1 q. 12. HZ] in
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EK, Z4, HM, ®N uni rectarum EZ, ZH, H®, OE
aequales abscindantur singulae EK, ZA, HM, @GN,
et ducantur K4, 4M, MN, NK. itaque cubus con-
structus est sex quadratis aequalibus comprehensus.
oportet igitur eundem data sphaera comprehendere et
demonstrare, diametrum sphaerae potentia triplo ma-
iorem esse latere cubi.

ducantur enim KH, EH. et quoniam [ KEH
rectus est, quia KE ad planum EH perpendicularis
est et manifesto etiam ad rectam EH [XI def. 3],
semicirculus in K H descriptus etiam per E punctum
ueniet. rursus quoniam HZ ad utramque ZA, ZE
perpendicularis est, HZ etiam ad planum Z K perpen-
dicularis est [XI, 4]. quare ducta ZK recta HZ etiam
ad ZK perpendicularis erit. qua de causa rursus semi-
circulus in HK descriptus etiam per Z ueniet. simi-
liter etiam per reliqua puncta cubi ueniet. iam si
manente KH gsemicirculus circumuolutus ad idem
punctum refertur, unde circumuolui coeptus est, cubus
sphaera comprehensus erit. iam dico, etiam data sphaera
eum comprehensum esse. nam quoniam HZ = ZE,
et angulus ad Z positus rectus est, erit EH® = 2EZ?
[I,47]. verum EZ = EK. erit igitur EH? = 2EK?®
quare HE? 4 EK®?=3EK?= HK® et quoniam
AB=23BI,et AB: BI'=_A4AB%*: B4?[V],8. Vdef 9],

ras. V. 13, d6uv P. ZA",ZE' b, ZE, ZA q et V (Eet
A in ras.) #al] supra m. 1 b, KZ q et in ras. V

14. HZ]inras. V. =zel dv q, xd» BVb, 15, HZ] in ras. V.

16. xaf] om. q.  17. dpolwg 6% nel V. 20, forar dox

bgq. 23. 76] ©6 Vq.  26. vd] nal va V, 7d posten add. P.

HE) EH q. EK] supra scr. N m, 1 b, Tijg] ToV q.

HK] H corr. ex E m. rec. B. 28, BI'] corr. ex BA m. 1B,
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BT, ottwg ©d dmd vijs AB medg v dmd wijs B4,
roumAdeoy dga TO dmd vijg AB vob amé vig B4
&elydn 0% xal ©0 dwd vijg HK vov amd g KE o
mAdeov. xal xeivow ley v KE ©vff AB* loy dpa xai
57 KH vfj AB. xal é6vwv 9y AB vijg dodelang opaipus
duzpergog’ %ol  KH &ge ion éeti tij vijg dodelons
opaigug Oiouéroep.
Tf dodeloy &ou cpalon meguelAymrar 6 xvfog xol
ovvamodédentas, Sri 7 tiig opalong dudustgog dvvdua
10 TomAaalov 0Tl Tijg ToU xVfov mAsvedg: Gmeo E0et Octlun

s’

Elxocasdgov cvereacdal xal palge wegi-
iafeiv, ) xel ta woostonuéva eynuare, xal dsi-
Eat, 0TL 1) 10T elxocaédgov wAsvoa GAoyds éariy

15 1 #aedovuévy éldrTov.

‘Exxslodo 7 tig Oodelong cpalpag didustgog 7
AB xal verpiofe xeve v0 I' dete revgamdiy sves
vy AL g I'B, xal peyodpda énl tis AB fw-
uvxdiov v6 AAB, xal §y90 dnd vov I' vfj AB meds

20 SoPas yowlng sbdsia poopusy § I'd, xol énstevydo 1
AB, xal éxnelodw wvxdos 6 EZHOK, ob 7 & tov
xévrgov lon éotw vij AB, xal éypspededwm elg TV
EZHOK wvxhov mevrdyovov (66mAsvedy te xal Loo-
yaviov ©0 EZHOK, xal vetwijcdweay of EZ, ZH,

25 HO, OK, KE meoupépeiar 0y xwore: zaa A, M, N,
E, O onusie, xol énefevydwoay of AM, MN, NE,
EO0, 04, EO. (oémisvgov dga ol nal 76 AMNEO

1. BI'] corr. ex BX m. 1 B, 2. toumiasiay P, corr.
m. 1. 4. 4B] 4B corr. in B4 B, 4B supra ser. 4 m. 1b,
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erit 4 B* = 3B4% demonstrauimus autem, esse etiam
HEK?®?==3KE? etposuimus KE = 4B. itaque etiam
KH= A4B. et AB diametrus est datae sphaerae.
itaque etiam K H diametro datae sphaerae aequalis est.

Ergo cubus data sphaera comprehensus est; et
simul demonstranimus, diametrum sphaerae potentia
triplo maiorem esse latere cubi; quod erat demon-

strandum.

XVIL

Icosaedrum construere et sphaera comprehendere,
sicut figuras supra nominatas, et demonstrare, latus
icosaedri irrationalem esse minorem quae uocatur.

Exponatur diametrus datae sphaerae 4B et in I ita
secetur, ut sit A'==4 I'B[VI, 10], et in 4B semicirculus
deseribatur 44 B, et a I ad 4B perpendicularis du-
catur recta I'4, et ducatur 4B, et exponatur circulus
EZHG®K, cuius radius aequalis sit rectae 4B, et in
circulum EZ H®K pentagonum aequilaterum et aequi-
angulum inscribatur EZHOK [IV, 11], et arcus EZ,
ZH, H®, @K, KE in punctis 4, M, N, 5, O in
binas partes aequales diuidantur, et ducantur 4 M,
MN, N5, 50, 04, EO. itaque pentagonum 4 MN 5O

XVI. Pappué V p. 440, 19.

Bd Vq. 5. tijg] 4 ©is q. 6. xal] om. q.  éovév B.
7jj] supra ser. m. 1 P. 8. dodsloy] om. P. 10. éoziv P.
12. evvorfeasder P, corr. m. reec. 16. opaloas] bis P,

corr. m, 1. 17. dors] g b.  19. ABA b.  zjj AB] om.
"ot ol o aIild. m. 1P.

b.  21. Bd e corr. b, éuneiodw] alt. » postea
% &n 7od] bis P, corr. m. 1, 25. KE of q. 26 O] postea

ins. B. 27. EO] om. q, supra scr. B uel & b.

Euclides, edd. Heiberg ot Menge. IV. 20
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mevrdyovov, xal Oexayovov 7 EO e0dcte. xal dv-
sordrwoay ano tév E, Z, H, 0, K onuslov ©¢ 10b
xUxhov mméde medg OpPag ywvieg ebdelar of EII,
ZP, HXZ, OT, KT ioow ob6er vfj éx tob xévrgov
zov EZHOK wvxdov, xal émelevydwcav of TP, PZ,
=T, TT, TI, II4, AP, PM, MX, N, NT, T,
ET, Y0, OIl. xai émel éxorépe vdv EIl, KT v
wvre émimédep meods 0pdds éoriv, wapdAdnlog &oa dotly
5 EII v} KT. &t 0% avrij xal ion' of 0} 1dg ldeg
e xal moapeddfjiove émilevyvdovens éml Ta avra péoy
evdeioan oo e xel magdiindol slew. 5 T &gu )
EK ion te xol magdlinids detwv. mevrapdvov Ok
(GomAevgov 1) EK* mevraydvov dou (Gomdstgov xal 4
Y vov &lg vov EZHOK xvulov éyygagouivov. du
e avte On xol éxdory tév ITP, PX, XT, T?
nevrayovov €otly lGomdsvgov rov &l vov EZHOK
avxdov épyoagoutvov’ [(eomizvoov &ou vo ITPETT
mevrayovoy. xel émel EEeyovov udv éomwv 4 IIE,
denayivov 0t 1 EO, xal éovwv dedny % vml IIEO,
nevrayovov Gga oty §) ITO" % poo tob meviayovov
nlevge OVvarar THY T TO¥ Sfepdvov ol TR T0V
dexaydvov TdY &lz 1OV avrdy xvxlov dyyoagousvev.
O z& avre 01 xel 5 O mevvaydvov éotl mheved.
éoru 0t xal §) IIT meviayavov' (6émAsvgov oo éotl
10 IIOT zolyovov. Oux ta avra Oy xal Execrov v
4P, PMX, ENT, TEY l66nisvody éomv. nel
énsl mevraydvov 0elydn Exaréoe vév 114, IO, é6n

1. denaydvoy, Jut. in dexdyavor q. OE P. dv-
s0TdTO Q. 4. oveat] om. b. 7. EIT] 117 B, sed cort.
8. éott BVq, comp. b. 9. foriv PB.  10. éxml 70 avre

péon émifevyviovoar V. 11. z¢] om. q. 12. té dom V.
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aequilaterum est, et decagoni latus est recta EO. et
in punctis E, Z, H, ®, K ad planum circuli perpen-
diculares erigantur rectae EII, ZP, HX, 6T, KT
radio circuli EZH®K aequales, et ducantur ITP,
PXZ, T, TY, 1, Iid, AP, PM, MX, ZN, NT,
TE, T, 10, OIl. et quoniam utraque EII, KT
ad idem planum perpendicularis est, EII rectae K1
parallela erit [XI, 6]. uerum etiam EIT = K2. quae
autem rectas aequales et parallelas ad easdem partes
coniungunt rectae, inter se aequales et parallelae sunt
[I, 33]. itaque IID rectae EK aequalis et parallela
est. uverum EK latus pentagoni aequilateri est. quare
etiam IT? latus est pentagoni aequilateri in EZHOK
circulo inscripti. eadem de causa etiam singulae ITP,
PX, ZT, TY latera sunt pentagoni aequilateri in
EZH®XK circulo inseripti. itaque pentagonum ITPXTTY
aequilaterum est. et quoniam hexagoni latus est ITE,
decagoni autem EO, et [ IIEO rectus est, 7O latus
est pentagoni; nam quadratum lateris pentagoni qua-
dratis .laterum hexagoni et decagoni in eodem circulo
inseriptorum aequale est [prop. X]. eadem de causa
etiam OT latus est pentagoni. uernm etiam II?
pentagoni est. triangulus igitur ITOXY aequilaterus
est. eadem de causa etiam singuli trianguli ITAZP,
PMZX, ENT, TET aequilateri sunt. et quoniam de-
monstrauimus, utramque II4, IT0 latus pentagoni

d6tiv] om. V, dome q, comp. b. 18. -mledgov — loo-]
mg. m. 2 B. 15 &j] om. q.  16. éor(, supra add. mlsvoe,
19. EO] E® b, OE

V. EZH® V. 17. &po éotiv P.
21, z¢] om. q. 22. zév] om. q. 28. TO q.

q. ,

24. #omv B. 26. PME b. TET zoydveoy V.

PVq, comp. b, 27. fouiv B. .
20

dou
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0t xal ) A0 mevvaymvov, leomAsvgov dgo Zotl o
A0 tolyovov. Oix v adve 01 xal Exacrov Tdy
APM, MEN, NTE, ET0 voudvev (eémlevgov
dotwy. &lljpdm ©o0 %évtgov To0 EZHOK wvxhov 70
6 @ onuslov’ xal amd vob P v ToU xUxlov émmédp
meds dPag dveordrm f DR, xal éxPefiijcdw éni v
frega pfon og PV, wal denenede Efaydvov piy
n DX, Oexayovov 0t éxoavége tov DT, XQ, xel
énebevyPocar of IIQ, 11X, TR, E®, 4D, AP,
10 ¥M. xal énsl éxardpn vdv DX, ITE v Tod xvxhov
émmédo mpdg Sodde fotiv, mugdidniog dea dorlv 1
DX vf) IIE. &lo} 0% xal loon' nal of ED, IIX don
loar te xal mwogildniol elew. Ekapdvod O 5 ED
faydvov doo xed B IIX. xol émel Eaydvov pév
15 domwv 7 ITX, Oexaydvov 0t 7 X8, nal oy ovwv 1
Smd XL yovia, meveydvov dga éorly % IIKR. du
e avre O xal 9 TR mevraydvov foriv, émedimse,
éoy émbevimpsy rag @K, X1, ioar %ol dmsvavtiov
igovran, xel dotwv 7) ®K éx t0b wévrgov oven Efe-
20 pasvov Efapovov doe xal 3 XT. dsxapavov OF 1
XQ, xel S0 7. vmwo TXQ" mevraydvov doa 7 TR
Zore 0% nel 7 1T mevraydvov' (6émhsvgov Gou datl
26 IITR volyovov. die ta avta 0% xal Exwerov Tdv
Aoy Touydvav, av Bdoeg uév slow of IIP, PZ,
o5 I T, TY evdsiae, xoguon 0% T6 L énuetov, (eomAsvgoy
Zonw., mohw, émel Efaydvov pdv §) ®A, denayavov

9. 1140 q. 3. rolyovoy comp. b, 4. oY wunlov 7o¥
EZHO®K V. 6. duPefln a. 7. %P b. 8. dF] ¥ in
yas. m. 1 P. 9. 4P| A4F P, 94 q, AF] 46 P,

10. @M] in ras., dein add. M& V; M¥, del. m. 1 et m. rec,
P. 11. éemv] comp. b, éovs PBVq, 12. Ante ®X del.
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esse, et 40 et ipsa pentagoni est, triangulus 1740
aequilaterus est. eadem de causa etiam singuli trian-
guli APM, MEXN, NTJE, 5710 aequilateri sunt. iam
sumatur centrum circuli EZHO®K [III, 1] -et sit
punctum @. et in puncto @ ad planum circuli per-
pendicularis erigatur @£ et ad alteram partem pro-
ducatur ut @¥, et abscindatur latus hexagoni @ X,
decagoni autem utraque @ ¥, XQ, et ducantur 11,
X, v, E®, A®, AW, WM. et quoniam utraque
®X, ITE ad planum circuli perpendicularis est, ®X
rectae I1E parallela est [XI, 6]. uerum etiam aequales
sunt. quare etiam E®, IT X aequales et parallelae
sunt [I, 33]. sed E® latus est hexagoni. quare etiam
IIX hexagoni est. et quoniam ITX latus est hexa-
goni, X autem decagoni, et . JI X rectus est [XI
def. 3. I, 29], IIQ latus est pentagoni [prop. X].
eadem de causa etiam 18 pentagoni est, quoniam, si
duxerimus @K, X7, aequales erunt et inter se oppo-
sitae, et @K radius aequalis est lateri hexagoni; quare
etiam X2 hexagoni est. decagoni autem X&, et
L TX8 rectus est; quare T2 pentagoni est. uerum
etiam IIT pentagoni est. itaque triangulus J7T7Q -
aequilaterus est. eadem de causa igitur etiam reliqui
trianguli, quorum bases sunt rectae IIP, PX, XT,
T?, uertex autem punctum £, singuli aequilateri
sunt. rursus quoniam hexagoni est @4, decagoni

1 litt, P. slotv PB. XII P, 15. dozuv] (prius) éome P,
slow q. 19. X B, 21. TR] T P. 22. fomv B,
éot(] om. V, d6ziv P,  28. ua/] om. bq, supra m. 2 B.
24, dv] supra m. 2 B.  26. foz Pq, comp. b.  péy] doty

q, uév oy b. 4D q.
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0t ) O, nal 8991 oty 1) V0 AD T povie, mevia-
yovov Ggo éotlv ) AW. O o adre Oy éav im-
Eetkopey vy M® odeev éaydvov, evviysrar el 4
MY nmevveyovov. &ote 0% nal 3 AM meviayovov'
6 lGomAevoov Hoa 6Tl 10O AMW tolyavov. buolwg 0
daydijesTar, 0Tt xol Exaovov Tdv Aoimdv Tuydvay,
v Paceg uév slew of MN, NJE, 50, Od, xogugy
0} 70 T cnueiov, (60mAevody domiv. cGuvéeraras doo
elxocasdgoy VmO elnooL TQLY@VEY (GomAsigoy meQl-
10 ggopsvov.
det 0y avrd xol opalpe meoidafsiv v dodeloy
xed Oettor, Ove 1) TOD elxocaidgov wAsves &Aoydg éorw
% xedovudvy éAdecwv.
‘Enel pog Efaycvov dotly % ®X, dexaysvov 0F 9
15 X, 5 O g &xgov xal udeov Adyov vérunres
xare 0 X, xol ©0 psifov adrije ruiud femv 7 OX
dory doo o 1 QD meog iy DX, ovrog 1§ DX
ngog wy XQ. oy 6% 4 ytv O X vjj DE, v 0t XQ
tfj OW- dorww Hge dg N QD medg iy DE, oirwg
20 ) E® moog iy W, xal slow dpdal af vmd QPE,
E®T yovia v doa émlevEousy miy EQ sidelar,
bodn &oraw f V0 TEQ ypovie O vy opodTyre
6y WEQ, PEQ rouydvev. 0w te adve 01 émel
doviw dg | QD meds iy DX, otrwg § DX meog
25 oy XQ, loy 0t 7 wiv QO wfj FX, 5 0t PX 7j
XII, Enwv &go dg ) ¥X meos vy XII, obrwg 4
X meog iy XQ. =xal 0 tovro midiv dav ém-
Levbopsy v ITW, 609 fovar 4 modg te I1 yovie

3. 8MP. 4 ¥MP. {orw PB.. 4] smpra scr. .
1b. 5. dov(] om. V, dotiv P. TAM P, o] om. V.
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avtem @Y, et [ ADYP rectus est, 4 ¥ pentagoni
est [pfop. X]. eadem de causa ducta M P, quae latus
est hexagoni, concludimus, etiam M ¥ pentagoni esse.
uerum etiam 4M pentagoni est. itaque triangulus
AMY aequilaterus est. -similiter demonstrabimus,
etiam reliquos triangulos, quorum bases sint MN,
NE&, £O, 04, uertex autem punctum ¥, singulos
aequilateros esse. ergo icosaedrum constructum est
uiginti triangulis aequilateris comprehensum.
- oportet igitur etiam data id sphaera comprehen-
dere et demonstrare, latus icosaedri irrationalem esse
minorem quae uocatur.

nam quoniam hexagoni est @X, decagoni autem
X, recta @R in X secundum rationem extremam
ac mediam diuisa est, et maior pars eius est @X
[prop. IX]. itaque QP : PX = ®X: XQ. uerum
X =QFE, XQ=0%F. quare QP: PE=ED: DD,
et anguli QPE, EQ Y recti sunt. ergo ducta ERQ
L TEL rectus erit, quia A FEQ ~ OELQ [VI, 8]
eadem de causa quoniam est QP : PX = DX : XQ,
et QO =TX, &X=XII, erit PX: XII=II1X:XQ,
quare rursus ducta II % angulus ad IT positus rectus

6. louwév)] ¢ supra scr. m. 1 P, 7. évl mg. m. 2 B.
wév] om. B. = 8. éort Pq, comp. b. 14. éomv] pév V.,

18. ®E] &4 Theon (BVbq), item lin. 19. 20. E®] 4®
BVbg (4 e corr. m. 2 B). Q&4 Vbq, 4 e corr: m. 2 B.
21. 49¥ BVhq. 482 BVbaq. 22, 49 BVbgq.

23, ¥4 BVhq. d4R BVhq. Post toiydvey add. zo
door éml tiig W yoagduevov Huindxliov figsr wel Sa Tob A
Vbq, mg. m. 2 B (xe/ om. q).  24. 4] (prius) in ras. m. 1 P.

26. ¥X] X¥ q. 27. todro] 7o atTe Q; 7e. e Tor
av7d mg. m. 1 b. &l dmigevEousy q. 28. 7] 70 q.
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70 doo éml Tijg PR yoapiusvoy nuinvriiov fEe xal
dix tov II. xal éav pevoveng tijs TR megusveyddv
70 fuuxrALOY &g TO aUTO WAAy dmoxatacTead), 09y
fokaro pépeedar, nEer xol dua tod IT nal TV AoLwdv
anuelov 1ot &lxocaédoov, xal éotar opalpy meoeLdny-
uévov to &lxoeasdgov. Afyw 01, Ote xol vjj dodelay.
retuijodw pag 1 DX Olye nere 1o A'. xol émel
evdeia poapuy 1 DL dxgov xul uéoov Adyov térunros
xoze ©0 X, xol ©0 Elecov avrig tuiud ot 7 X,
7 dga QX moociafoven Ty NulGsioev TOO pelfovos
rufuarog vy X A' mevramddaiov dvvarer Tov amd Thg
nuiGelng ToU pelfovog TUNUATOG® WEVTOTWAKGLOV GQU
ol 76 amo vijg KA’ vov and viig A’ X. xal e Tijg
utv QA4 dumdip 1 QW, vijg 0% A'X Oumhij 5 DX
nevromaciov doo €8Tl 10 dmwd Tig Q¥ TOv AmO THS
X®. nal énel vevgomii éovvy ) AT viig I'B, mevvamwiy
doa dotiv % AB tiig BI. &g 0t % AB medg
BT, otrwg 70 amd viis AB meog ©d amd tijs BA:
nevrandadiov &oo farl vO amd tijg AB Tov AW TS
Bd. 80elydn 0% xol 70 amd vijg & ¥ mevramdaeiov
Tov oné i PX. xal éovwv ey | AB ) ®X" ina-
répa pag avrav oy dovl i} éx oD wévrgov TOU
EZHOK xvxdov ion doa xal 1) AB tfj TR xal
dotwv §) AB 1 vilg dodelons cpaloag OdusToog xal
7 ¥R dga lon éori tfj tijs dodelong dpalpag diauérop.
w5 doo Oodeloy epalox meoieldnmror TO &lxocdedgov.

Aéyw 01, Ot 1 T0oD sixocaidoov mAsvex &loyog
domwv 7 xedovuéyn éldrrov. dmsl pag ¢nri domv 4

2. IT] supra scr, ¥ b. 3. 69&v xoi q. 7. 4] & P,

;0% 4, « mut. in ¢ V, « Bb (in fig. ,ac B). 9. #lozzoy V.
atzijc] éomt b, adriis éeru Bq. #grv] om. Bbaq.
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erit [VI, 8]. itaque semicirculus in ¥ descriptus
etiam per II ueniet [I, 31]. et si manente TR semi-
circulus circumuolutus rursus ad idem punctum refertur,
unde circumuolui coeptus est, et per IT et per reliqua
puncta icosaedri ueniet, et icosaedrum sphaera com-
prehensum erit. iam dico, data id sphaera compre-
hensum esse. nam @X in 4’ in duas partes aequales
diuidatur. et quoniam recta @R secundum rationem
extremam ac mediam in X diuisa est, et minor eius
pars est QX, erit 4 Q%=54"X? [prop. III]. est
autem Q¥ =224, ®X=24'X. itaque Q¥?
= 5X®?% et quoniam AI'==4I'B, erit AB = 5BI.
uerum 4B : BI'= AB2:BA4%[VI, 8. V def.9]. itaque
AB? = 5BA% demonstravimus autem, esse etiam
QU =5DX? et 4B = ®X; nam utraque earum
radio circuli EZH®K aequalis est. itaque etiam 4B
= PR, et 4B diametrus est datae sphaerae. quare
etiam ¥R diametro datae sphaerae aequalis est. ergo
icosaedrum data sphaera comprehensum est.

iam dico, latus icosaedri irrationalem esse mino-
rem quae uocatur. nam quoniam diametrus sphaerae

7] 76 bq. 10, 5 G QX] om. V, 7 QX dga q., A et
4 non discernunt Bbq, in V « in ¢ corr. 13. @wa b, wog

7

(¢ eras.) B. 4'X) gag (s eras.) B, g V, y q, &f b.
sel — 14, Q4] om.q.  13. doniw PB. 1,4.ZSZA"] in ras. V,

awg (¢ eras.) B. = Oumli) 0% tijc 84 % Q% q et b mg.
m. 1(ye) X&YV. 16. X®] e corr. V.  zsrpemiacior

BVbq. éam’:] om. q. nmevianlasiwy V et, supra scr. 7

m, 1, b. 17 éoviv] om. V.  BI'] in ras., dein add. fomw

V, I'B B. AB — 18. z7jg (prius)] bis P, corr. m. 1.

19. {etiv B. 20. 04] om. b. 21, {on] om. V. AB ioy

V. 22. oziv PB. zod wvndov vov EZHOK V.

23. EZHO® q. zal]lom. q. g Q¥ b 25. fottv PB.
28. ddosor BVq,
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Tijg Gpalong dioucToog, xel 6Tt Svvdus wevramlaciny
tiig éx Tov xévtgov o0 EZHO K xvxdov, $qm) doc
darl ol 3 &k T xévrgov Tot EZHOK xvxhov' dore
xel ) Oiduergog avrov dnvy v, éaw 0% &lg wvxdov
5 gnei Eyovia TRy OudusToov mevtdyavov [EomAsvgov

J—
D, JT
A\
N DN
M \ 2 0
y — /1
/ ? \
r
H K
b} T
& =
]
. T

éyyoagti, n ToV mevvay@vov misved &Aoydg doriv 1)
xedovuévy élartov. 7 0% tov EZHOK mevrayovov
nAcvoa ) ToD elxodaidoov dotiv. 7 kg Tob elxocaddgov
mAsvoe &loydg éoriv 1 xadovudvy éAdrramv.

1. dotwv B. reroamlouciwy b. 2. EZH® q. 3. foclyv PB.
7. #lesowov V. 7 St R b. 8. 7 dganyb. 9, ddosav P.
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rationalis est et potentia quintuplo maior est radio
circuli EZHOK, etiam radius circuli EZH®K ratio-
nalis est. quare etiam diametrus eius rationalis est.
sin in circulum rationalem diametrum habentem penta-
gonum aequilaterum inscribitur, latus pentagoni irra-

4

B

tionalis est minor quae uocatur [prop. XI]. uerum
latus pentagoni EZH®K latus est icosaedri. ergo
latus icosaedri irrationalis est minor quae uocatur.
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_ Hégiope.

‘Ex 0% zovrov gavegdv, Otv 1 tijg 6palgas dud-
peToog dvvdus mevremaciov dotl Tijg & Tod xévigov
ro¥ xvxhov, 4@’ oU 7o einocdedpov dveyépoamra, xal
ot 1) g opalgag didusrgog GUyxeiter &x Te Thg Tob
fEapdvov xal 0V0 TV TOU Osxayavov THV &g TOV

3 3\ 4 2 g [ 4 3
avtoy xvxlov éyyoepoudvev. omee Ede dsifar.

i

Adwodexaedoov 6voT1j6acdat xal cpuloy weQi-
Aafeiv, 5 xal To mgostpnuiva eyfuare, xel
dettar, 0t §) 0V Owdexaédgov mwAisvoa &Aoyds
oty N xelovudvy amozrous].

"Exxeledocay Tov meosgnuévov xvfov dvo émlmedn
ngdg Spdag a¢Adjiog vo ABI'A, 'BEZ, xal very)-
69w &dovy viv AB, BT, I'd, A4, EZ, EB, ZT
nAsvoov Olye xere v H, @, K, 4, M, N, 5, %l
énstevydocay of HK, ©4, MO, N5, xol vevuiodo
éxdory oy NO, OF, OII dxgov xal pésov Adyov
sove. e P, X, T oqusie, xol é6te advdv uslfove
tujuaze t¢ PO, 0F, TII, xel dveerdrocey Guod ToY
P, 3, T enuslov vois ot xfov dmuumédog mds dodas
¢l ve dnvdg péon tod wifov af PY, XD, TX, xal
xeledweoy loaw taig PO, 02, TII, xel émstedydacay
of TB, BX, XI', I'®, ®T. iéyw, 61s v0 TBXI'D
nevrdyovoy (G0mAevedy ve xal v évi dmmédo xal &

1. mégiepe] om. bq. 8. dotlv B. 5. zod] om. BV.
6. zév ddo V. 7. 8meo #0ec dsifen] om. BV.
8. '] om. gq. 9. owverijcasdar P, corr. m. rec.
10. nqoscpnuéva] weoTegov q; mg. m. 1: ye. 7o medregoy b. |
13. wvpov] ndnlov comp. b. 16. & onuein V. 17. reTun-
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_ Corollarium,

Hinc manifestum est, diametrum sphaerae potentia
quintuplam esse radii circuli, in quo icosaedrum de-
scriptum est, et diametrum sphaerae ex latere hexa-
goni et duobus lateribus decagoni in eodem circulo
inscriptorum compositam esse. — quod erat demon-
strandum. :

XVIL
Dodecaedrum construere et sphaera comprehendere,
. sicut figuras, quas supra nominauimus, et demonstrare,
latus dodecagoni irrationalem esse apotomen quae

- nocatur.

exponantur duo plana cubi, quem nominauimus
[prop. XV] inter se perpendicularia 4BI'd4, I'BEZ,
et singula latera 4B, BI', I'4d, 44, EZ, EB, ZI"
in binas partes aequales diuidantur in punctis H, @,
K, 4, M, N, %, et ducantur HK, ®4, M®, N},
et singulae NO, OF, @II secundum rationem extre-
mam ac mediam in punctis P, X, T secentur, et maiores
earum partes sint PO, OX, TII, et in punctis P, X,
T ad plana cubi perpendiculares in partes exteriores
cubi erigantur P?, X®, TX, et ponatur PT = PO,
Z® =03, TX = TII, et ducantur TB, BX, XTI,
I'd, 7. dico, pentagonum TBXI'® et aequilaterum
esse et in uno plano positum et praeterea aequiangulum.

odwoay «f NO V. 18. @II) II e cprr. m, rec. P; @1
eFeiar V. 21. mfﬂmg #Oulov comp. b. 22. x9fov] in
ras. V. PT] P eras. 23. ZuneloPwoay P. 24, BX,
XI') X, XI'inras. m. 2 V. I'¢] mg. m. 2V, 'YX B.

TBXI'®) pro XI'inq X corr. ex I’ m. 1. 25 émiwédo] in

ras. m. 2 V.



10

15

20

25

318 ZTOIXEIQN :y’,

leoyovioy éovwy. émetevydooav yig of PB, XB, ®B.
xol émel e0siw 7 NO dxgov xal uéeov Adyov vérpymo
nore v0 P, nal v0 usifov tuquda demw % PO, to dou
ano zév ON, NP touwhdeid 6te rod dmd vig PO.
lon 0% 5 udv ON 7jj NB, 7% 0t OP vjj PT o dga
and tdv BN, NP rouwideid d6ve vov amd vijg PTL.
Toig 0% dnd zév BN, NP ©o dnd vijg BP dovw loov'
70 doe amd tijg BP voumAdeiév éote tod dmd vijg PT
@ore ta Gno tdv BP, PY tergamldoid éote Tov dmo
tiis PY. voig 0% émd vdv BP, P ieov dotl 70 dmo
rijg BT 10 dga amd tijg BY vevpamddoidy feme tob
ano vijg TP dumii) &oe éotly 4 BY tijig PT. foun
0t ol § O tijg TP duwdij, émedrimeg nal 1 P vig -
OP, tovtéers vije PY, o dumwhij ion dpa § BY
P®. opolwg 07 deydioerat, v xel éxdery tév BX,
XTI, I'® éxarépe v BT, TP éomv ioy. (edmievoov
oo dotl ©o BYPILX mevtayovov. Aépm 81, Gue xal
v évl dorw mmédp. Nydo pog dmd ot O énavégw
@y PY, Z® magadinlog éml v Zxrog vov uvfov
péon 7 OW, xal émelevydwoev of TO, OX iéyw,
Ot 5 WOX =096l fonv. Emel pag % @IT dugov xol
péeov Adyov vérunroar xave ©o T, xel vo psifov avris
rufud dotww 7§ IIT, Eouv &pa og 1) OIT meog iy
IIT, otvwg n IIT meog vy TO. loy o6t 5 piv OI
] ®0, 7 0t IIT éxarépy véév TX, OT" e dou
g 1 @0 mog vy OW, ovrwg #f XT mpdg iy TO.
xol éove mapdiiniog 7 utv OO0 vf) TX' Exaviga yig
avtév ¢ Bd imnéde meos deddg et 4 Ot TO
vfj O éxatépe yag altév vg BZ émmédp meds

8. peifov avriis V. PO] in ras. V. 6] 10 q.
4. NP] HP B. rouwlecie] mut, in zoumwddeior m. 1 q.
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ducantur enim PB, B, ®B. et quoniam recta NO
secundum rationem extremam ac¢ mediam diuisa est
in P, et maior pars eius est PO, erunt ON? 4- NP?
= 3PO¢ [prop. IV]. uerum ON = NB, OP = PY.
itaque BN? 4- NP? = 3PT? est autem BP? = BN?
-4 NP? (I, 47]. itaque BP?®=3PT% quare BP?
-+ PT? = 4PY% uerum BT?= BP? 4 PT? [], 47].
itaque BT =4PT% quare BT = 2PT. est autem
etiam @2 =2 TP, quoniam etiam XP=20P=2P7.
itaque BT == T®. similiter demonstrabimus, esse
etiam singulas BX, XI', I'® utrique BT, 7' ® aequales,
ergo pentagonum BYPI'X aequilaterum est. jam dico,
idem in uno plano positum esse. ab O enim utrique
PY, Z® parallela in partes exteriores cubi ducatur
O P, et ducantur ¥®, OX. dico, FOX rectam esse.
nam quoniam @®IT in T secundum rationem extremam
ac mediam diuisa est, et maior pars eius est IIT,
erit @I : [IT==JIT: T®. uerum @Il = OO0, IIT
= TX=0%. itaque @O0: 0¥ = XT:TO. et OO
rectae TX parallela est (nam utraque earum ad pla-
num B4 perpendicularis est) [XI, 6] et T@® rectae
O% (nam utraque earum ad planum BZ perpendicu-

éeniv P, 5. PT] PI' q. 6. NP] Pe corr. V.
9. dorew P.  10. PT) (alt) PI" q.  11. &ga] bis P, postea
corr. m. 1. 12, dozfy] om. V.  Zmww B. 13, TP dumlij]
in ras. V. ZP] supra ras. m. 2 q. 14. PT] corr. ex
PI'm. 1 q. 4oty B. 15, xaf] om. q. BX] X q.
18. dorw] £ ins. m. 1 q.  #gPw] 4 e corr. m. 1 b.
20. péon tod xvfov V., O] @ e corr. m. 1 b, 22. 10-
yor] om. b, 28. oy IT]) IIT in ras. V, IIT Bb.
24.°©1II] 11O P.
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bpPds dorww. dav 0% 0Vo Tolywva cuvred] nave play
yoviev, og te TOO, OTX, tag 0vo mAsvpag tais
ovely avddoyov Eyovra, @ete Tag Ouoldyovg avray
mAsvoag xol magaAdijlovg elver, of Aoumel evdsior i
5 svdelag govron” én’ evdelag doa otly ) TO 1 OX.
nige 0% sodeie dv &vi dovww imnédw- v évl Hou ém-
néde éorl 16 TBXI'® mevrayovov.
Aéyw 81, Ome xal leoydvidv fomiv.
‘Ensl poo evdcle poouuy 7 NO dxgov xal péoov
10 A0yov térunrer nezve vo P, xal to psifov tufjud domy
% OP [dorw &oo g cuvaupdrsgog ) NO, OP meos
v ON, otrwg 7 NO mgdg v OP], igy 0% #§ OP
tj O [éomv dga og 5 ZN medg vy NO, ovres
% NO mgog iy OX], 7 NX dga é&xgov xal pedov
15 Adyor térunrer xeve vo O, xal vo welfov Tuijud éotw
%) NO' ta dou dmd tév NX, ZO touwlderd et 100
and vijg NO. iony 0% % ulv NO tfj NB, % 0t 0%
v} XD ta oo dmo tdv NX, XD terodyove t0i-
nidaid dote Tov amd tiig NB' devs te and rov P,
20 XN, NB terganldeid 6t tov amo tiig NB. 7olg
0t dwd tév ZN, NB icov éovl to amd tijg EB
doa amd wév BXE, XD, rovréent ©é dmo vijg BD
(609 yeg 9 vmd0 DPIB yovia), vergamideidy don
100 dmo tiig NB* duwdij doa éorlv 1) DB vijg BN.
25 é6rv 0% wal m BI vijg BN duwhij .loy &oa éotlv 9
B® 7] BI. el énel 0vo af BT, TD dvel tais BX,
XTI loav elolv, xal Bdaig v B® Pdes v BI' ien,

2. &TX] OTX B, et b supra scr. ® m. 1. 3. dvol
(0v0 q) mieveais Theon (BVbq). =misveas adrdr q. 4. whev-
edgl om. V.  xoaf] om, P, 5. OX b. 6. &ox] yop oty
q. émmédp &ox B. 1. d01/) om. q; dovty P.” TBXI'®]

&
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laris est). sin duo trianguli in uno angulo con-
iunguntur ut ¥O0O, @ TX duo latera duobus lateribus
proportionalia habentes, ita ut latera correspondentia
etiam parallela sint, reliqua latera in eadem recta
erunt posita [VI, 32]. itaque ¥@, @X in eadem
recta positae erunt. omnis autem recta in uno plano
posita est [XI, 1]. ergo pentagonum TBXI'® in uno
plano positum est.

iam dico, idem aequiangulum esse.

nam quoniam recta NO in P secundum rationem
extremam ac mediam diuisa est, et maior pars eius
est OP, et OP = 0OZ, recta NX in O secundum ra-
tionem extremam ac mediam diuisa est, et maior pars
est NO [prop. V].}) itaque NX2% 4 302 = 3NO?
[prop. IV]. uerum NO = NB, 0X = X®. itaque
NX® 4 X@% = 3NB: quare ®X° 4 XN* 4| NB?
= 4NB? sed XB®= IN*? 4 NB® [I, 47]. itaque
BX* 4 XP?=4NB? = B®*? (nam [ OB rectus
est) [XI def. 3]. itaque @B = 2BN. uerum etiam
BI'=2BN. quare B® = BI. et quoniam duae
rectae BT, TP duabus BX, XI' aequales sunt, et

1) Forma prop. V, ad quam apertissime hic respicit Eu-
clides, docet, uerba #emy &ga — OP lin. 11—12 et Zouw
&0 — OZ lin. 13—14 superuacus et subditina esse. nec satis
est cum ed. Basil. et Gregorio pro OP lin. 12 O scribere.

T eras. V, post @ ras.; BXI'®T z0 BI'X®T q. 9. edel,
postea add. « m. 1 P. 18. z5j] =ijs b. 17. ON bis V.

18. zfj] corr. ex 7fig m. 1 P.  19. @ove] corr. ex @oe m. 1 b;
7] om. q.  20. dorew P, 21. IN] N in

aore nol V,
rag. m. 1 b. ZB] BXin ras. m. 1 P, BXB V. 22. BY]
ZB b. tovtéaeriy P. &B V. 24. éortv] om. V.

25. foriv PB.  deziv] om. Vq. 26. B®] corr. ex #B V.

27. &lol Vhaq. @B Vq.

Euclides, edd. Heiberg et Menge. IV. 21
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yovie doo v vmé BT® povig ti vmo BXI donw
lon. ouoimg O Oeitopev, ovi xal 7 Umd TOI pavie
fon doti v} vno BXI™ of doa vnd BXT, BT®, TOI
10¢ls yoviar loow aliijleg &lolv. dov 0% mevrayavov
leomAevgov af Tosis povim e aAifiaig dew, iGo-
peviov €6t 10 mEvtapwvov* lGoydviov dge forl th
BY®I'X nevvaywvov. &0elydn 0t nal ledmisvgov'
70 dga BYPI'X mevvaywvov (6émAsvedy é6te xal (go-
yaviov, xal éotww émi widg tov wvfov mAsvedg vig
BI. dav &ge €9’ éxdorng tav tod xvfov dwdexu
TALVQBY T @UTE ANTAOKEVEGOUEY, GuoTahiosTal T
oyfjue 6tspe0y VWO 0wdsxe wevrtaydvev (domAsvgwy
78 nal (Gopmviny megLeyducvov, o xadsivar dwmdexasdgov.
Adst 0% avtd xol opalpe wegidefsty i) dodsioy
xel Osifer, 8t 3 7oV Owdexaédgov mAevge &hoyos
dotww 7 xadovufvy dmorous). .
Exfepliiode yep 1 O, xal fotw 7 TR ovp-
Bdids Ggo m O i vob xvPov Oieuérom, xal dige
Tépvovow ailjieg Tovto pog dédeinvar év T muge-
TedevTe Pewonuare vov fvdexdrov fufilov. Tepvivmony
xove 1O R 1O & doa xévrgov fovl vig apalgag TS
neguhauPavovens tov xvfov, xal 3§ QO uldse Tis
mwAsvods Tob xfov. Emelevybw O 1§ TR. xal fmsl

2. deuydnkopsy, sed 3y del, b. 8. eziv PB. BXTI]
(prius) X in ras. m. 1 P 5. lsomlevgor q.  dow] corr. €X
gletv m. 1 P. 6. fovou] ot BV, 17, BPY®XI'q. 0Of] om
q. 8 tf dour P, 9. #x9fov] udulov b. 13. "75} om.
P. 0 nolsirer dwdsndedgor] om. Theon (BVbgq). 17. 2]
FOq. ovpPelei P, 18, OR] @9 B, ¥Q Vb, ¥O q.
wdfov] wdxlov comp. b, corr. in O. 19. tepoveoiy, COIT. N

1, P. wagarelsvtaly q. 21. 7] (alt.) %l 70 q.
22. O V, 6 B, Ante zijg del. ozt m. 1 P.
23. I'Q q.
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bagis B® basi BI aequalis, erit [I,8] L BT® — BXTI.

similiter demonstrabimus, esse etiam

L T®I' = BXT.
itaque tres anguli BXT, BY®, P®I inter se aequales
sin pentagoni aequilateri tres anguli inter se
E a z aequales sunt, penta-

?\ 77— / gonum  aequiangulum

erit [prop. VII]. ergo
v, P 0 —% =

sunt.

pentagonum BTPOI'X
B aequiangulum est. de-
6, r monstrauimus  autem,
- £ idem aequilaterum esse.
ergo pentagonum

X BTO®I'X
a T K aequilaterum est et
aequiangulum, et in uno
latere cubi B I construc-
tum est. itaque si in
4 4 4 singulis duodecim late-
ribus cubi eadem comparauerimus, figura quaedam
solida construetur duodecim pentagonis aequilateris et
aequiangulis comprehensa, quae uocatur dodecaedrum.

oportet igitur idem data sphaera comprehendere et
demonstrare, latus dodecaedri irrationalem esse apo-
tomen quae uocatur.

producatur enim ¥O0, et fiat ¥Q. itaque 0L
cum diametro cubi concurrit, et inter se in binas partes
aequales secant; hoc enim in paenultimo theoremate
undecimi libri demonstratum est [XI, 38]. secent in
Q. &L igitur centrum est sphaerae cubum comprehen-

dentis, et £ O dimidia lateris cubi. ducatur 1. et
21%
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soelo yoauun 1 NX dxgov xal uécov Abyov vétpyre
xave ©0 O, xal 10 peifov avwig tuijud dewv  NO,
T0 dga amd tdv NX, X0 rouwlddoid é6ti Tod 4mo
tijig NO. ey 0t 5 pdv NX 1f] TR, énadimse xal
% utv NO vf] O douw lon, 1 0% WO v 0. dike
i xel § OF vff TP, énel xal vij PO ta oo and
1oy QW, TY roiwhacid ot tov amod vijg NO. roig
0t dmo tdy KW, TP leov éovl 10 and vijg TR 10
dga and tig TR roumdacidv éove Tod dmd tig NO.
dote 0% xel m & ToU xévrgov Tijg Gpalpes Tig WEQL-
loepPavovens Tov xvfov dvvdus ToimAecioy Tig fui-
6elog Tijg ToU xUfov mAevods: meodédeixtan pag xvfov
overijeacdar xal Gpaloy megidefsiv xal detbo, 61i 9
tije opalgag Oiduergog Svvdper touwdaclov doti Tils
mAcveis Tov wvPov. & OF Oly wig OAng, xel [7]
nulose tig nuosleg xal deriv §) NO nulose tig
T0D xvfov mhsvodg' 7 doa TR lon ol vff éx 100
xévroov Tijg opaloag Tiig megudapBavoveng Tov xvPov.
nol éove TO R xévrgov Tig opalong tig megihapfe-
voveng Tov xVfov t0 T dga equclov moos vf ém-
pevely 6Tl tig 6palgag. Suolwg O dslbopev, Ovo nud
éndory tov Aomay yovidy tov dwdsxaidgov meds 7
émpavely dorl Tig 6palgag® meoielAnmron doa vO 00
dexcedgov i dodeloy opalpe.

,1. NE B, corr. m. 1. 8. fouw P. 4, NO]NE B.

9. o] om. d. z0d] 76 q. 10. & PB. zijs} (alt)
bis b. 12. 77j¢] ins. m. 1 V., dédetnTan q. 14, dv-
vaper] om. P, dumlaciov B, corr. m. rec. ctty PB.

16. &) 4 V. % 6in Baq. 7] postea ins. m. 1P,
e q. 16. fplseic — N O] bis P, postea corr. m. 1.
17. dguly P. 19, oty 20. onusiov dox q.
22, v émpdveiwy q, v bis supra ser. m, 1 b.  28. Zotiv P.
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quoniam recta N in O secundum rationem extremam
ac mediam diuisa est, et maior pars eius est NO,
erunt
Nx? 4 ¥02% =3NO? [prop. IV]
‘sed NX= %L, quoniam
NO=0&, ¥O0=02Z.

et praeterea
OX=%7D,

quoniam OX = PO: itaque
QW? 4 I = 3NO2

uerum _
Y= Q¥4 Fre (1, 47].
itaque
Q%= 3NO>

sed radius sphaerae cubum comprehendentis et ipse
potentia triplo maior est dimidio latere cubi; nam
antea explicauimus, quomodo cubus construendus sit
et sphaera comprehendendus, et quo modo demon-
strandum sit, diametrum sphaerae potentia triplo ma-
iorem esse latere cubi [prop. XV]. sin tota triplo
maior est tota, etiam dimidia ftriplo maior est di-
midia; et NO dimidia est lateris cubi. itaque 21°Q
radio sphaerae cubum comprehendentis aequalis est,
et & centrum est sphaerae cubum comprehendentis.
quare punctum T ad superficiem sphaerae positum
est. iam similiter demonstrabimus, etiam reliquos
angulos dodecaedri singulos ad superficiem sphaerae
positos esse. ergo dodecaedrum data sphaera compre-
hensum est.
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Aéyw 7, O61r § Tov dwdexaédgov misvea &Aoyos
dorwv 1) xadovudvy dmorop].

‘Enwel pag viig NO dxgov xal pécov Adyov vevuy
uévng ©o ueifov tufud dovw 9 PO, rijg 0% OF axgov

5 xal wioov Adyov tevunudvng o uetfov Tudjud devwv

0ZX, 6Aqg doe tijs NE édxgov xal uéeov Aoyov veuvo-
pévng 0 peifov tpiud deviv 7§ PX. olov émsl éonw
og 7 NO mgog myv. OP, 9 OP mgog v PN, xal
T Oumddeie ta pag uden tols. iGduig mollamAwaslo

10 z0v avTov Eger Adyov: g dga 7 NJF meog wjy PZ,

15

20

ovtwg 1 PX medg cvvaupdtegov Ty NP, X 5. uelloy
0t 5§ N5 vijs PZ" pellov &gu xal ) PX cvveugo-
végov tijg NP, XZ5' 9 NJE &oa &ngov xol péoov
Abyov Térunran, xal vd peifov avrig vuiud devw 1)
PX. ion 0t § PX ©fj PP vijg boo N &xgov xel
uéoov Adyov veuvousvng v ueifov wvuiqud domw 5 TP
xed &mel gnre) éoviv 1 tig 6palpag diduergog xal ot
dvvdus Toumdaciov Tijg Tov xVfov mAsveds, dyry doo
dovlv ) NJE mlsvoe obee tov xbfov. éov 0} ¢
yoauwy dxgov xal uésov Adyov Tundi, éxdvegov Tav
runudteoy Floyds ety dmorow].

‘H T® doo mAsvox ovow ot dwdexeidgov ¥Aoyds
deTwy amoTout].

1. 7] om. q. 8. Post vfig ins. pév m. rec. P.  zepvo-

pévng P; item lin, 5. 6. zezunuévng bq. 8. NO] ON B.

OP] (prius) e corr. V; dein del. nel o dumidoe.

9. loduig] cdoavrws B. 10. &g] xal g b. 18. N5 &e q.
16. verunpévne bq. DT P. 17, éomw PB. De scholi

quodam in P hic adscripto u. app. 20. yoapui] ¥ wi b,
corr. m. 1; evdele yoopps) q.  Térumrar q.  fneriew q.
91, 2omw 7 wedovpévny Vbq, e corr, m. 2 B. 28. domv %

sotovpévy Vha.
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iam dico, latus dodecaedri irrationalem esse apo-
tomen quae uocatur. nam quoniam PO maior pars
est rectae NO secundum rationem extremam ac me-
diam diuvisae, et OX maior pars est rectae OF se-
cundum rationem extremam ac mediam dinisae, PX
maior pars est totius rectae N5 secundum rationem
extremam ac mediam diuisae. quoniam enim') NO
:OP= OP: PN, etiam dupla eandem rationem habe-
bunt; nam partes eandem rationem habent quam aeque
multiplicia [V, 15]. itaque N&: PX= PX: NP+ X 5.
sed N5 > PX. itaque etiam PX > NP4 X5 [V, 14].
ergo N secundum rationem extremam ac mediam di-
uisa est, et maior pars eius est PX. sed PX = TQ.
itaque 1’® maior pars est rectae N5 secundum ra-
tionem extremam ac mediam diuisae. et quoniam dia-
metrus sphaerae rationalis est et latere cubi triplo
maior est potentia, etiam N5, quae latus est cubj,
rationalis est. sin recta rationalis secundum rationem
extremam ac mediam diuiditur, utraque pars irratio-
nalis est apotome [prop. VI]. ergo T®, quae latus
est dodecaedri, irrationalis est apotome.

1) Uocabulo olor lin. 7 uidetur significari, rectam N 5 non
proprie secundum rationem extremam ac mediam divisam esse,
quia pars minor ex NP, X5 diiunctis composita est. quod
hic param refert, quia maiore parte sola utimur. sed fortasse
totus locus oloy lin. 7 — édomwy 77 PX lin. 14 subditiuus est.




10

15

20

26

398 ZTOIXEIQN ',

Hdgiopa.
’ ) ’ ’ ~” ~ ~ ’ ~
Ex 07 rovrov pavegdv, 0t tig tov %Vfov mAevpds
dnpov xal péoov Adyov veuvoudvyg o peifov Tuipe
dory 1) 10U dwdexaddpov mievod. Omep £ds deibor.

oy’

Tag miévods Tdv nwévre eynudrov éxdéada
xol 6vyrgivar medg dAifiag.

‘Exxeiofo 5 vijg dodelong epalgag Oudueroos 1
AB, xol verwiode xete vo I’ dore oy sivaw
AT v} I'B, xare 0% 10 A4 dove Oumiesiove sivar
mpy Ad vig 4B, nal peyodpdw émi tig AB qu-
woxdiov 10 AEB, wal ano védv I, 4 vfj AB mpts
do%ag 7ydweey of I'E, AZ, xel énetevydwoav af
AZ, ZB, EB. xol énel duwhij doviv ) AA vig 4B,
roumdi dga éotlv 7 AB tig Bd. dveergépevi
nuodie Goa doviv 1) BA vijg Ad. dg o} 1 BA meds
vy Ad, olrwg 10 and vijg BA meog 1o dnd vig AL’
leoywviov pig éove 0 AZB volyavov 6 AZA o
yove' fuidliov Ega éovl To dmd vig BA voi dmd
tig AZ. Eori 0% nal 7 tijg opalgag dukustgog duvdyst
yuodle vijg mAsvods thg mvganldog. xel éomy 7 AB
% tig opaloag Oidusvoogt 7§ AZ dge ion éovl T
wheved Tijg mvQeuldog.

IdAw, énel diwiaclov éotiv §) A4 vig AB, toinii
oo fotlv | AB vijg BA. dg 0% %) AB medg tiw B4,
ovrwg 0 dmo tijg AB meog TO dmd vijg BZ' roumld-

1. mogiope] comp. mg. m 1 PBVq, om. b. 3. TeTUY-
uévng ba. 4. onzo E’Q‘u deifon] om. Vq, o)— b. 5. 17']
om. Bbq. 9. neza wéy BV, ~ 10. tj] corr. ex zijg B.
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Corollarium.

Hince manifestum est, latus dodecaedri maiorem esse
partem lateris cubi secundum rationem extremam ac

mediam diuisi. — quod erat demonstrandum.
XVIIL
Latera quinque figurarum exponere et inter se
comparare.

Exponatur diametrus datae sphaerae 4B et in I”
ita secetur, ut sit 4I'=1TI'B, in 4 autem ita, ut sit
Ad = 24B, et in 4B semicirculus describatur 4 EB,

et in I', 4 ad 4B perpendicu-

lares ducantur I'E, 4Z, et

ducantur 4Z, ZB, EB. et

quoniam est 44 = 2.4 B, erit

AB = 3Bd. itaque conuer-

tendo BA =344  sed
, ! g BA: A4 = BA*: A4Z* [V def.
4 ko Ta4 9]; nam AZB ~ AZA [V, 8].
itaque BA? = 3/, AZ% uerum etiam diametrus sphaerae
potentia lateris pyramidis sesquialtera est [prop. XIII].
et 4B diametrus sphaerae est. ergo AZ lateri pyra-
midis aequalis est.

rursus quoniam A4 =24B, erit 4B=3B4.
sed 4B:Bd = AB*: BZ*® [VI, 8. V def. 9]. itaque

I'B] I' corr. ex 4 V. dumlacroy P, & supra scr. m. 1.

12, 4] e corr. m. 1 Db, 14, Ante 4Z del. TE, 4Z m. 1 P.
AZ, ZE, EB B; ZB, EB, AZ q. 15. teimdacie q, mg.

m. 1 zoiwlecle yo. b. Bd] 4B B. 18. A4BZ b.

20. #suiv PB. 22, éoziv P. 23. z5g] om. Vq. 24, 7ge-

aln] toiwlacioy P. 26. ZB Bbq.
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GLov dga 6t T amd tfig AB vov amoé vig BZ. fon
0t xal % tig opalgag Oiduergog dvvduss Toumladiny
Tijg Tov xVPov mwhsveds. xal ot 1 A B 1) vijg paipas
duduergog” 1 BZ dga tov xvfov darl mhsvgd.

Kol énsl ion éoviv 9y AT vij I'B, dumhi] &oe éoriv
) AB iig BI. g 0t 5§ AB meds v BI, ovreg
70 dnd vijg AB meds 16 amd tijg BE' diwhderov age
dovl 70 amd tijg AB To® dmwd vijg BE. #ow OF xel
3 g opulpas Oiaucrgog Ovvdus, SiwAeelowv Tig ToD
dxvaédgov misvods. xel ovv 1) AB % vig dodelong
opalgag Owdustgog® 7 BE dpa tob dxraddgov farl
nAsvgd.

"Hy9w 07 amd tov A enpeiov v AB svdele moog
bo9ag § AH, xel xelodw § AH lon vfj AB, xei
énelevydo v HI, xal and vov @ éml vy AB xaderos

Hpdo ) OK.  xel émel duwdij doviv §) HA vijg AT

ten yoe 1 HA v AB' og 0% % HA moog iy AI,
ovtwg §) OK moog vy KI'y, dumhij doe xal 7 OK i
KTI. vevgoemhdeiov doa éotl ©d dmd tijg @K vob dmd
vijg KT v o dmd vov OK, KT, 8msp éarl vo dmd
vijg OT, msvramidoidy éove voi dmd vijg KI. loy ot
% @I vfj I'B* mevramdaciov &g éovl td amd vijs BT
tov amd thg I'K. xal émel Oumdy] éovwv 7 AB vig
I'B, dv % Ad vijg AB éov. duwdij, Lowmny &ea n B4
Aounilg wijg AT éovy dumdy. rtoumdi; doa 7 BI' wig
4 évvamddeiov doe 0 amd vijg BI' zov amd vijg
I'd. mevrvemhdgiov 0% o dnd vijg BI' tod dmo i
'K pstbov dou vo amd wijg T'K tov énmd vig I'4.

1. douiv P. ZB B. 46ty PB. 8. wvxlov P, corr.
m. rec. 8. éozl] éoriv P, om. V., T0)] weds =6 q.
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AB? = 3BZ2 uerum etiam diametrus sphaerae latere
cubi potentia triplo maior est [prop. XV]. et 4B
diametrus sphaerae est. ergo BZ latus cubi est.

et quoniam AI'=TI'B, erit 4B =2BI. sed 4B
:BI'= AB%: BE* [VI, 8. V def. 9] itaque 4B?
= 2BE? wuerum etiam diametrus sphaerae latere
octaedri potentia duplo maior est [prop. XIV]. et 4B .
diametrus est datae sphaerae. ergo B E latus octaedri est.

iam ab 4 puncto ad rectam 4B perpendicularis
ducatur 4 H, et ponatur 4 H = 4 B, et ducatur HT,
et a ® ad 4B perpendicularis ducatur ®K. et quo-
niam HA =24 (nam HA = AB), et HA: AT
= OK: KI" [VI, 4], erit etiam @K = 2K I itaque
OK?=4KI® quare OK®? 4 KI?=5KI? = @I?
(I, 47). uwerum @I’ = I'B. itaque BI'* = 5I'K2% et
quoniam 4B = 2I'B, quarum 44 = 24 B, erit B4
= 24I. itaque BI'=3I'4. quare BI'* = 9I'42
sed BI'"" = BI'K® itaque I'K?> I'4% quare etiam

Zouv PB, 9. rourhaciov b. 11. BE] E corr. ex @ m.
rec. P. wheved deti q. 14. 75 4B lon 7 AH V.
16. AHV, 17 HA] A4H q._ =jj] ©ig P. _ 18, »e(] om.
a. 19, doriv P.  20. dowiv P. 21, donw PB. 24, I'B]
Br'v. forwv PB. Bd] supra ser. 4 b, 25, Al T'a
P.  26. I'd] in hoc uocab, des. b, dsfmwes @vlle i§ mg.
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ueltov doo éovlv 71 I'K tig I'd. xelodo tfj I'K oy
% I'd, »el amd to6 A vij AB mgog dedag fydo 4
AM, nel énelevydew vy MB. xal émel mevvamldeidy
dove 16 dmwd tiig BI vov dnmd tijg I'K, xel éon vig
utv BI' dumdij 9§ AB, vijg 0% 'K Oumidj % KA, mevre-
wldeiov &pe dori to dmd vijs AB tov amd tig KA.
éove 0t nol % vijg 6palgag didustgog dvvduss mevie-
nAadlov tig & tov xévrgov Tob wxdov, 4y’ ov T
slxocasdgov avaydyoomson. woi éoviv 1) AB 1§ Tig
opalges duiyeroos” 7 KA Hou éx tob xéyrgov éovl
T0D #Uxdov, d@° 0D 7O &lxoddsdgov dveyiypamras’ 1
K4 @ga étaycivov éotl mhevge Tov elonuévov xuxiov.
xal émel 7 thg opaloag Oiduergog GUyxairen Ex ve Tis
100 Saydvov xal dvo TdV tob dsxaydvov TéY &g
rov slonuévov xvulov éyyoegoudvav, xal douv 1 piv
AB % tijg opaigag didustgog, 1 0 KA EEayavov
mhsvod, xal oy ) AK v5j AB, éxatépe dgo vév AK,
AB dsxoyaivov éotl whevod Tov Eyygagoudvov &g Tov
nudov, 4@’ 0O 0 sinocdsdgov dvaydygamver. el
énel dexaydvov utv ) AB, éepdvov 0 § MdA: ioy
pig doti vfj KA, énsl xal ©f) @K igov yag améyjovew
amd wov xévroov’ xal dovwv Exardon veov OK, KA
dimhaolov tig KI™ mevveybvov doa Zoviv 7 MB.
% 0% Tov mevtaywvov fotiv 1) ToU elxocaddgov” &lxo-
oaédgov dga dotiv 7y MB.

Kol émel n ZB xbfov Zorl misved, vermiodo
dngov el wésov Aopov xave téo N, xol éovw weifov
rufjue ©0 NB* %) NB &ga dwdsxaidgov orl mAsvod.

1. peibov V.  dotly 8o q. I'K] KI'V. TI'K] corr.
ex XK' V. 4, et P. Krv. dotiv P. 9. fomwy
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I'K>TI4. ponatur I'd =TI'K, et ab 4 ad 4B per-
pendicularis ducatur 4 M, et ducatur MB. et quoniam
BI'* = b5I'K® et AB=2BI, KA = 2I'K, erit 4RB*
= 5K A% uerum etiam diametrus sphaerae potentia
quintuplo maior est radio circuli, in quo icosaedrum
constructum est [prop. XVI coroll.]. et 4B diametrus
sphaerae est. ergo K4 radius est circuli, in quo
icosaedrum constructum est. KA igitur latus est
hexagoni in ecirculo illo inscripti [IV, 15 coroll]. et
quomiam diametrus sphaerae ex latere hexagoni et
duobus lateribus decagoni in circulo illo inseriptorum
composita est [prop. XVI coroll], et 4B diametrus
est sphaerae, K4 autem latus hexagoni, et 4K = 4B,
utraque 4K, AB latus est decagoni in circulo in-
scripti, in quo icosaedrum constructum est. et quo-
niam AB latus est decagoni, hexagoni autem MA
(nam MA = K4, quia MA = @ K; aequali enim spatio
a centro distant; et @K — KA = 2KI"), pentagoni
est MB [prop. X. I, 47]. uerum latus pentagoni est
icosaedri [prop. XVI]. ergo MB latus est icosaedri.

et quoniam Z B latus cubi est, secundum rationem
extremam ac mediam diuvidatur in N, et maijor pars
sit NB. ergo NB latus est dodecaedri [prop. XVII
coroll.].

PB. 9. 4B 7] 4B P. 10. x] % éx q. éetty P.
12. slonpévov wvulov] év i slonuéve wixle m. 2 V.

13. zijg opalpeg 7 V. 15. dvayoagouévay q. 21, ot
P, @K] K@ q. 23. éau’vg om. V., 24. 7 1od &lno-
goédgov] mg. m. 2 B, in text. del. 4 rod. 26. BZ q.

dettv P.
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Kel 2rel 7 vhig 6palpas didusrgog 80elydn vijg piv
AZ misvoas vijg mwvgauidog dvvduser nusodla, tig 0%
100 Sxraédgov tijg BE dvvduer duwdaciov, Tig 0% Tov
x6fov i ZB dvvdus veumAeslov, ofwy dou 7 Tig
opalgag Oudustgog Ovvauet &, TolovTtev 7 uiv Tig
mveauldog TEGOGQwY, 1) 0% ToD dxTaddgov TeLbY, 1 OF
00 xVfov O0vo. 7 udv dou Tig muoauidos mAsvpw
175 uEv 10U OSuraddoov mhsvods OSvwdus forly émi-
Toitog, thg 0% Tov xVPov Ovvaus dumdi), 7 0% Tov
duraidgov tijg Tod xfov Suvdus furodle. af udv oty
slonuéver Tév TOLBY GynudTOY TAsvoal, Adye 07 nvge-
pidos xal duvaddoov xal xvfov, medg dAldleg eloly
év Adyoig gnrole. af 0% Aoumal 8vo, Adpw ON 1 e
10D &lnooaédgov xal 7 Tov dwdexnédgov, ovre mYOg
aAMjdeg otre mpdg Tag moostpnuivag sloly v Adyows
¢nrolg: &Aoyor yug elow, 7 pdv éAdrrwv, 1) 0F dmwotow).

O peltov éotly 3 100 slnooaddgov mwisvos 7 MB
z5jg 00 dwdexaédoov 1 NB, detbousy ovrmg.

‘Emel yap l6oywvidv &6t ©0 ZAB volyovov 16
ZAB voyidve, dvdioydy oty g f 4B meog Ty
BZ, otwwg ) BZ mpdg iy BA. nal énsl vosis sbdeim
avdlopdy elow, Eotw ag 17 mewTH WEOg TRHY TOMNY,
ottwg 10 dmO Tig WEWTYS WEOg TO dwd Tijg dsvTiQEs’
éony dpo wg 9 4B medg Ty BA, oUrwg 16 amd vig
AB mgog ©o0 and tijg BZ* avdmalw dga g 1 AB
mpos v Bd, oltwg v6 dmd vijg ZB meog 76 dmo

1. Ante #0:(y8n del. ¢ P. 4, 1'9 om. P. 6. Tecadgay
T6Y q. 7. wév] corr. ex pe m, 1 P, 9. =7i¢] =7 q.
10. t7jg] om. q. 11, mlevoal] om. q. 18. ze] om. P.
14. 7] om. q. _ 16. 7ag mwgo-] om. q.  16. &loyor ydg loty
om. V. 17. 6t. 8¢ BV, " MB] M e corr. V. 18. NB
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et quoniam demonstrauimus, diametrum sphaerae
AZ lateris pyramidis potentia sesquialteram esse, BE
autem latere octaedri potentia duplo maiorem, ZB
autem latere cubi potentia triplo maiorem, quarum
magnitudinum sex aequalis est potentia diametrus
sphaerae, earum quattuor aequale est latus pyramidis,
tribus octaedri, duabus cubi. itaque latus pyramidis
potentia supersesquitertium est lateris octaedri, latere
autem cubi potentia duplo maius, latus autem octaedri
lateris cubi potentia sesquialterum est. ergo latera,
quae nominauimus, trium illarum figurarum, scilicet
pyramidis, octaedri, cubi, inter se rationes habent ra-
tionales. reliqua uero duo, scilicet icosaedri et dode-
caedri, neque inter se neque ad ea, quae supra nomi-
nauimus, rationes rationales habent; nam irrationales
sunt, alterum minor [prop. XVI], alterum apotome
[prop. XVII],

Latus icosaedri MB maius esse latere dodecaedri
NB, sic demonstrabimus. - '

quoniam enim trianguli Z4 B et Z4 B aequianguli
sunt [V, 8], erit 4B : BZ = BZ: BA[V], 4]. et quo-
niam tres rectae proportionales sunt, erit ut prima
ad tertiam, ita quadratum primae ad quadratum tertiae
[V def. 9].%) itaque 4B:BA4 = AB%: BZ: e con-

1) Miramur, cur haec definitio hoc loco ommnibus uerbis
citetur, praesertim forma parum Euclidea, cum tamen antea
in hac ipsa propositione toties tacite sit usurpata. itaque puto,
uerba xal éxel lin, 21 — devrégag lin. 23 subditiua esse.

N e corr. V. 19. ¢zel] in ras, m. 1 P. éomy P.
A4ZB B, ZB4 q. 21. BZ] (prius) supra ser. B4 m. 1 B.
BZ) ZB P.  26. ZB] BZ q.
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vijg BA. toumdy) 0% % AB vijg B4* vouwAdaioy g
70 ano t4g ZB 0¥ amd vijc BA. &ove 0% xal vo dmo
ijg A T0¥ dmo vijg AB vevgamddoioyv: diwhi yag
Ad vijg AB* ucifov &ga ©6 axd i Ad 10 AWO THS
ZB* uelfov dou ) AA vig ZB' molie doa m AA
v ZB usitov doviv. xol tiig uiv AAd dmgov xal
uéeov Adyov tsuvoudvng to psifov tudjud demiv 7 K4,
émerdnjmeg 1 uiv AK Staydvov doviv, 1 08 KA dexo-
pyovov* tiig 08 ZB &xgov xal uéeov Adyov tepvousvis
70 peiov rutjue doviw 1 NB* pelfov doo 1) KA 7ig
NB. len 0% 7 KA 5 AM" peltov doo 3 AM i
NB [vijg 0% AM pelfov éotlv 4 MB]. moldd &g
7 MB mlsvge: ov6a Tod elxocaddgov wsllwv -dort vig
NB mievgdg oveng tov dwdexaidgov’ dmeg #der deita.

Aéyw 07, 871 mage vo slonuéva mévre oy-
pare 0V cvotadijoerar fregov Gyfjue megieyo-
pevoy Vo LGomievony ve xal ldoywviny oy
aAinhog.

‘Tmd pév pog 0vVo touydvev 4 Olwg émmédwy
otspe0 yovie od evvletator. VWO 0F TELdY TQLYBYOY
N vii¢ mvgapldog, Vo 0} TE6GdowY % TOD SxTaidgov,
om0 0t mévre 1) voD elxocaédgov: md 0% B voiydvay
leomievony te xal [Goywviov mgdg fvi enpelp cvv-
loTaudveov ovx Eotu otegeq poviar oleng yog TS
roD l6omAsvgov Teydvov yevieg OJwwolgov 0edTs
éeovrar ol EE técdagay 0gdais leau’ Smsg ddvvarov’

2. fouv PB. 5, nol pedfowv B, doe noel V. s
ZE] (alt) om. P. 6. ozl Vaq. 7. zetunuévng V.
11.°4M zfig NB] in ras. m. 1 P. 12. tijg 0é — MB] post-
ea add, in mg. m. 1 P. 13, pelfwm, » add. m. 2 V. 14, Se-
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trario igitur 4B: B4 =ZB%: BA4%. uerum AB=3B4.
itaque etiam ZB? = 3 B4*. uerum etiam 44%=44B?;
nam Ad=24B. itaque 44%> ZB® quare A4
> ZB. itaque multo magis 44> ZB. et rectae 44
secundum rationem extremam ac mediam diuisae maior
pars est K4, quoniam 4K hexagoni est, K4 autem
decagoni [prop. IX]; rectae autem ZB secundum ra-
tionem extremam ac mediam diuisae maior pars est
NB. itaque K4 > NB. est autem KA = AM. quare
AM> NB. ergo multo magis MB latus icosaedri
NB latere dodecaedri maius est; quod erat demon-

strandum.

Tam dico, praeter quinque figuras, quas nominaui-
mus, nullam aliam construi posse polygonis et aequi-
lateris et aequiangulis inter se aequalibus compre-
hensam.

Nam ex duobus triangulis aut omnino figuris planis
angulus solidus construi nequit [XI def. 11]. ex tribus
uero triangulis angulus 'py'ramidis construitur, ex quat-
tuor octaedri, ex quinque icosaedri. ex sex autem
triangulis aequilateris et aequiangulis ad idem punctum
coniunctis angulus solidus non orietur; nam cum angu-
lus trianguli aequilateri duae partes sint recti, sex
anguli quattuor rectis aequales erunt; quod fieri non

Cum epimetro lin. 15 sq. cfr. Psellus p. 51 sq.

quitur alia demonstratio extremae partis, u. app. 16. ouw-
otadrjoeron P 19, 7] 64wg] scripsi; ras. 2 uel 8 litt. P, supra
ser. ¢Al’ ovdF Ymo 0vYo m. rec.; il o098t &llwy dvo Theon
(BVq).  20. 09) om. Pq. 26, &f] om. q.

Euclides, edd. Heiberg et Menge. IV. 22
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dnoca pog 6regea povie Umo Aa6Edveov 1 TiEGAgMY
bo0dv mepiéyeran. e T adra O 000E Umo mAsdvay
7 ¥ yondy émnédov ovsget yovie evvicraru. Umd
0% Terpaydveov tedy 1 Tov xvfov yavie megiiyston
Dmd 0% veooagov advvarov: Edovvar pag welw véd-
Gagsg Gpfal. Vmo 0% mevtaydvov (Gomisvgay xel
loyeviov, Dm0 uiv TeLGY 14 10U dndexaidgov’ vl
0 re60doay GdvvaTov” otieng pag Tijg TOU MEVTRYHYOV
leomisvgov yoviag Sodje xal mwéumrvov, Eeovvar of
réeoages yovier te6odooy S9doy uslfovg® Omeg adv-
vezov. 000 wijy OmO molvydvev Erdpmy GynudToY
meQueyediosTar oreges yovle Ou TO adrd Hvomov.
Odx dpo moge o elonuive mwévre epfjuare Erspov
eyfue 6repedy overadriceron vml (GomAsvgoy Te uel
looyaviov megieyduevor’ Gmep &0s dettou.

Afjupe.

Ove 0% 7 tod leomislgov xal (Goyaviov
nevrayavov yovie (&1 é6ti xal méumrov,
ot dstxtion. ‘

"Eetw yog mevvdyavov (GomAsvgov xel (Goywviov
v0 ABTAE, %ol msgiysygagpde msgl atrd xdxlog 6
ABTAE, xel ellijpdo adrod 70 xévigov 10 Z, xel
émstevydwooy of ZA, ZB, ZT,.ZA, ZE. iy tgu
téuvover tag medg tolg A, B, I, 4, E zoiy mevre-

2. 6¢8dy yovidy q.  060¢] om. q, 06d° P. 8. 7] om.
P, supra ser. m. 1 B, yondr] teiyaveor q. 6, técowges
P. 8. 6] om. q. {oomlsdoov mevraydvov V. 9. of]
supra m. rec. P. ' 10. ticexgeg] -eg in ras. m. 1 P. In mg.
m. 1 pro scholio: wg 8zfis dmoxndvew P. 11. molvyovlny =
(non P). évégwr] orsoedv q. 12. edrd) om, BV. - -
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potest; nam omnis angulus solidus minus quattuor
rectis comprehenditur [XI, 21]. eadem de causa ne ex
pluribus quidem quam sex angulis planis solidus angu-
lus construitur. tribus autem quadratis angulus cubi
comprehenditur. quattuor autem nullus; nam rursus
quattuor recti erunt. pentagonis autem aequilateris
et aequiangulis tribus angulus dodecaedri comprehen-
ditur, quattuor autem nullus; nam cum angulus penta-
goni aequilateri aequalis sit recto angulo cum quinta
parte recti, quattuor anguli quattuor rectis maiores
erunt; quod fieri non potest. eadem de causa ne
aliis quidem figuris polygonis angulus solidus com-
prehendetur.

ergo praeter quinque figuras, quas nominauimus,
nulla alia figura solida construetur figuris aequilateris
et aequiangulis comprehensa; quod erat demonstrandum.,

Lemma.

Angulum autem pentagoni aequilateri et aequi-
anguli -aequalem esse angulo recto et quintae partl
recti, sic demonstrandum.

_ sit enim pentagonum aequilaterum et aequiangulum
ABI'4E, et circum id circulus circumseribatur 4BI'4E
[IV, 14], et sumatur centrum eius Z [ITI, 1], et du-
cantur Z4, ZB, ZI', Zd4, ZE. itaque angulos pen-
tagoni ad 4, B, I, 4, E positos in binas partes
aequales secant [I, 4]. et quoniam quinque anguli ad

14. gvvoradsjoeror P, corr. m. rec. ~ 16. Afjppe] om. codd.
17. 8z q. ve el V. Post lsoyaviov add. el q.
18. ouv PB.  méumrov q.  20. ve naf V.  22. d] (prius)
om. q. 24. zéuvovey PB.

22%
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yovov yevieg. xel émel of meds v Z mévve yovim

réocagawy bodais loar elal xal elow loaw, ule Gou

avtav, og N vwo AZB, mis bedie dow mogn

méunrov: Aowmel &ge af vmd ZAB, ABZ wig slow
5 odijg xal wéumrov. loy 0% 9 Vmd ZAB vf) vm ZBI*

xal 84y dpo §) Um0 ABI t0¥ mweviaydvov yavie wis

dotiv S@dijs xal méumvov: Bmeg #0s deifas.

2. slol] elotv PBV. 5 ZBA q. 1. bodijg dou V.

wépmweoy q. In fine: Edulsldov croiyeimy iy P, Eduleidov
crotysiov tiis Oéovog dxdésems iy Bq.
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Z positi quattuor rectis aequales sunt et inter se
aequales, unus eorum, uelut 4Z B, recto angulo aequa-~
lis est deficiente quinta parte. itaque Z4B + ABZ

A

r

recto et quintae parti recti aequales sunt [I, 32]. et
ZAB = ZBI. quare 4BI totus angulus pentagoni

recto et quintae parti recti aequalis est; quod erat
demonstrandum.
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Demonstrationes alterae.

1.
Ad libr. XI prop. 22.
"Adii@g.

"Ectweoy of dodeicar toeis yoviwe Emimedor of
vnd ABI, 4EZ, HOK, ov af 0o vig Aoumijs pst-
toveg Eotmeay mdvry ueredepfoviusval, megieytacuy
0} avreg iooew evdeiar of AB, BI, 4E, EZ, HO,
OK, xol énetevydwoay af AT, 4Z, HK. iéyw, du
dvvarov éotv éx tdv idov taig AT, 4Z, HK ol
yovoy Gverioacdar, tovréert maiw G al 0vo Tis
Aouwijg pelbovés elor mavry uperadaufaviusva.

& utv ovw mdlw of medg toig B, E, @ anueiog
yovio iea elelv, leor Eoovrar xol af AT, AZ, HK,
xal Egovvow of Ovo Tijg Aoumilg msltoves. & 0% ov,.
derwoay dvidol of meog tolg B, E, @ enuslowg povin,
nel pelfov 7 medg te B éxovdons tdv medg voig E,
O usllov &oa éotar xal ) AL ebdela Exavéong TOV
A4Z, HK. xol @avegdv, 8t 1) AT pere éxerépes

XI, 22 post dsiker p. 60, 18 add. PBF VD,

3. owd] om, F, supra m. 2 B. 5, BI'] BI', I'd b,
6. 4Z] 4 corr. ex I'm, 1 F, 8. zovrécriv B, 11. loat
slotv] slow loew BV,  loas] om. BY. HK] HX foos BY.




1.
Ad libr. XTI prop. 22.
Aliter.

Sint dati tres anguli plani 4BI', 4EZ, HOK,
quortzn duo reliquo maiores sint quolibet modo con-
luncti, et eos comprehendant rectae aequales 4B,
BI, 4E, EZ, HO, @K, et ducantur 4T, 4Z, HK.
dico, fieri posse, ut ex rectis aequalibus rectis 4T,
A4Z, HK triangulus ‘construatur, hoc est rursus duas
reliqua maiores esse quolibet modo coniunctas,

iam si rursus anguli ad puncta B, E, ® positi
aequales sunt, etiam AI, 4Z, HK aequales erunt,

® B

z A
k 4 4

et duae reliqua maiores. sin minus, anguli ad puncta
B, E, @ positi inaequales sint, et angulus ad B po-
situs utroque angulorum ad E, @ positorum maior
sit. itaque etiam AI'> AZ, AT'> HK [I, 24]. et

18. &wigot] corr. ex ior m, rec. P. 14. Ante xaf ras.
1 lit% F. 15. et/ BF b, % 4T'] in ras. V. e9Fsie]
om,
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tdv AZ, HK vijg Aowmijg pelfovéds elo. Aéym, Gn
xoel of AZ, HK tijg AT pelbovés eler. euvesrdre
7odg 1] AB eVdely xal T Wedg wvry Gnuelw 16 B

- ) vwo HOK yovig lon 5 vm6 ABA, xal xsl6de

10

15

20

wé viv AB, BT, 4E, EZ, H®, OK oy % B,
xol nstevyBwoey of AA, AT. nol émel dvo of AB,
B4 dvol raig HO, @K 6o slolv éxavéga Exatépe,
nel yovieg loug megiéyovar, Phaig doa - AA fdse
;] HK ion dovlv. xal émel of modg voig E, @ oy
pelog yovio tig vmd ABT pslfovés elow, dv 4 vmd
HOK 7j} vn6 ABA éorww lon, Aowmy) &oe 7 meog v
E yovie i vnd ABI peltov dorlv. xal émsl dvo
of AB, BI" dvol taig AE, EZ i6au eloly Enarépe
Enatéoe, xel povie v vmo dEZ povies tig vmé ABT
uelfov, Bdog Goa 7 AZ Pdecws thg AL peltay
doviy. lon O0Y ey §) HK vij AA of dga AZ,
HK tév AAd, AT peifovég sloww: aAde of AA, AT
wijg AT pelfovés sloi modie doo of AZ, HK vig
AT pellovés slow. tadv AT, AZ, HK &go sbdadv
af 0vo tiig Aoumig pelfovés elow movry wevadeppevi-
pevar dvvarov dow éotlv éx tév leov talg AT, AZ,
HK rolyovov evericacdar Omep &0e deifou.

1. pelfovés elo] Pb, yo. peffov &otimg. b; upeltov éos/BF V.

2. AZ] corr. ex AZ m. 2 P. 3. Bl e corr. ¥. 4. 4B4]
BHAb, corr.mg. m.1, 5. BA] corr. ex 44 m. 1 F. 8, megr-
éyovee PBVD. A44] 4 in ras. V., féeer] supra m. 2 B.
9. omw lon V. 4gv( B, comp. Fb, 10. 7iig] rois F.
sloe V. 12. ABT bo (non F). éet{ PV, comp. b.
00 of] of 8v0 F. 13. 4B] F, 4B bg. 14, -zéog xai yo-
in mg. trans. m. 1 F. 7% ®md] om. b, 15. AT b.
16. #otiv] om. P.  A4A)] corr. ex 44 B. 17. ¢ii’ Fb.
18. moile — 19. slowv] postea add. m, 1 P. 19, gloe BVD,
comp. F. 21. 4ertv] om. V. 4Z)] AZ F, 292, GvveTy-
casdor P, corr. m, 2.
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adparet, ésse AI'-+ 4Z> HK, A+ HK> 4Z.
dico, esse etiam AZ 4 HK > A nam ad rectam
4B et punctum ejus B construatur [ ABA = HOK
[I, 23], et ponatur B4 = 4B = BI'= AE=EZ
= HO = OK, et ducantur 44, AI et quoniam
duae 4B, B4 duabus H®, @K singulae singulis
aequales sunt et angulos aequales comprehendunt, erit
A4 = HK [1, 4]. et quoniam anguli ad puncta E,
@ positi angulo 4BI" maiores sant, quorum [ HOK
= 4B, angulus ad E positus angulo 4BI" maior
erit. et quoniam duwae 4B, BI' duabus JE, EZ
aequales sunt, et [ 4 EZ > ABT, erit etiam A4Z > AI
[I, 24]. demonstrauimus autem, esse HK = AA4.
itaque erit

AZ 4 HK > Ad + AT
uerum A4 -} AI'> AI. multo igitur magis erit

AdZ 4 HK > AT.

ergo rectarum AI, 4Z, HK duae reliqua maiores
sunt quolibet modo coniunctae. fieri igitur potest, ut
ex rectis aequalibus rectis 4T, JZ, HK triangulus
construatur; quod erat demonstrandum.




348 APPENDIX 1.

2,
Ad libr. XI prop. 23.

"dAia 0y &orw TO xévigov TOD wUxAov éml widg
tdy whevodv Tob Touy@vov tijg MN, xal éate 0 k,
nel émelevydo 7 Ed. Adpo mdlw, Sn psllov dorly
n AB ziig AE. & pog uij, fvor len éoviv ) AB tj
5 A5 7 ddrrav. fovw mgdrsgov ley. Yo Y ol AB,
BT, vovvéorw of JE, EZ, 8vo taly MY, 54, tovr-
éove vfj MN, loow elodv. aAde: § MN ©f; AZ ustvo
ley. xol of AE, EZ &g vij AZ l6a slalv Smep
éotlv advvavov. oVx doa 7 AB len dovl v AE
10 bpolwg 07 000% éidvrev: modlg yog O ddvvarov
usifov. 9 doa AB uelfov éovl vig AF xal dov
opolag, 95 usitov éove 10 dwo vijg AB vov and vig
A, énelve loov medg S9Pag v vod xvxiov dmmédp
dvacrijeousy og 0 amo thg 5P, evoradijestas vo
15 wedPinuc.
dAle 01 &otw ©d xévtgov ToD AUxAov ExTOG TOV
 AMN zoupdvov xal Eotw 0 5, nal dneledydwoay o
A5, ME. Ayo O nol obrwg, 8w peliov fovly 1
AB vijg AF. & pag pij, firou len éerlyv 1 éAdrrow.
20 dotw mobregov l6y. Ovo ovv of AB, BI' dvo rais

X1, 28 in textu post moifjcer p. 68, 17 add. PBFVh.

1. z6] om. P. 2. thg MN] ras. 8 litt. V, yaw[ag T8
MN ¢.  foto to 5] inras. m. 1 b. 8. 6m madw b.
ueitov . 4. 7] corr. ex of V., ol ydg — 11. ig 48]
mg. m. 1, add. ye. b, in textu: émsl yoo of JE, EZ vijs 4Z,
1ovt§gﬂ tij¢ MN, pelfovs elol, nol nulosior: 3 Ed &oeo tove-
éotw Tiig ME 0 AB vijg A peltwv Eoviy. 6. of] in ras.

m. 2 P. A4E, EZ dve! in spatio nacuo tertine partis lineae
m. 2 P, dvol b. Tovréory B. 9. élde 5 MN]
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2.
Ad libr. XI prop. 23.%)

Uerum centrum circuli in aliquo latere trianguli
sit, uelut MN, et sit 5, et ducatur 54. dico rursus,
esse AB> A, nam si minus, erit aut 4B = 4%
aut 4B < 4. prius sit 4B = AF. itaque duae
rectae 4B, BT, hoc est 4E, EZ, duabus rectis M,
54, hoc est M N, aequales sunt. supposuimus autem,
esse MN ==AZ. quare 4E 4 EZ = AZ. quod
fieri non potest. itaque non est 4B = 45. iam simi-
liter demonstrabimus, ne minorem quidem esse 4B

recta 4,5; nam hoc multo mi-

ol nus fieri potest. ergo 4B> 45,
) et si similiter P ad planum
boi v circuli perpendicularem erexeri-
= /" mus,itaut sitEP?—=AB3 - 45

problema componetur.

Uerum centrum circuli extra
triangulum 4MN positum sit et sit &, et ducantur
A5, ME. dico sic quoque, esse. 4B > A5 nam si
minus, erit aut 4B = A5 aut 4B < 45. prius sit

1) De figuris cfr. p. 62.

m 2P, nsmx% éorty supra scr. xeiter m, 2 B, 8. xel
— aqa] om. F; uidentur fuisse in mg. a m, 2. too alat‘a;]
m. 2 P, 9. éozv] om. BV, supra m. 1 F.  Z¢z/] om. V,

doe @ (non F) rp] bis ¢. 13. dnelvep — 14. AP] mg.

m. 1 b, add. ye., in textu: dnelvde lony moog 65 Tob uvxlov

émmé‘m dvacrijcopsy iy SP (in ra,s()i 18. Zxsivo b,

14. &vuamo‘opw b. 16 éwog v sed corr. 18. 45 M.::]
%xel] om. V, v nel b, o-u] om. b 20. ow] 6‘17

el . ddo] dval b,
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Mg, 54 leaw elolv Exavéon Exavéoe, xal Pdeig 1

i) vnd MEA ion oviv. 0wk ve evra Oy xel 7 vmd
HOK =fj 9nd AEN devw lon. §An doo §) tmd MEN
0vo ratg ABT, HOK ievwv iey. diie ef vmd ABT,
HOK vijg Va0 AEZ psifovés eloww. xel %) vmo MEN
foa g Ym0 AEZ yeltov éovly. xal Zmel 0vo of
AE, EZ 0vo taic ME, BN loa slolv, xal fdeig 14
AZ Pacer tff MN len, yovie doo 1) vmd MEN yo-
vig vf] vo AEZ éovwv ion. &0siydn 0% xal pellov’
omeg dvomov. ovx dowo lon fovlv ) AB v AB. &g

0 detbopsv, Ot 000t fdrrov. psllov Hgo. xol v’

modg bPag Td Tod xixdov Smiméde mdiiy dyasrienusy
iy 5P xal lony avviy dnoddusda, ¢ ueilov dvvera
70 amd tiig AB tob amd tijg' A5, cveradfceres 10
mQopAnue. ,

Aépa 01, Ome 000t éidrzev dotlv 3 AB vijg AE.
&l pog Ovvardy, éotw. xol xelédw vij utv AB oy 4
=0, tij 6t BI ley §) EII, el émetsvydo 4 OIL ua}
énsl lon éotlv ) AB vfj BI, ley éotl xel % 5O )
EII. deve xal Aowwhy 7§ OA Aovmiy v IIM ovwy oy
nagddinlog doa dovlv ) AM vfj ITO, xal {Goyaviov
10 AME volyovov v ITEO toupdve. et dea o
N B mog vy AM, 5 5O medg v OII, xel ével-

1. éxozéga] éxatégag P, ¢ del. m. 1, 2. MA] M in ras.
V. domw ion F. 3. {on Zettv] devww lon b, lon éovi V.
4. wol 61n b. 5. 060] PBV, F m. 1, dvol b, F m. 2.
raig) tais vné Fb; dmé supra scr. m. 2 BYV. aid’ P,
«f]® b. 6. elos BV, comp, Fb & N] corr. ex BMN
m. 2 P, M& in ras. m. 2 B, 7. éot{ PBYV, comp. Fh.
8. 0vo] dvol b et m. 2 F.  #le/ PBV, comp. Fb, 9. yo-

vig] om. b.  10. lon dozlv b, 11, fouly] om. V.  Eis
8¢ bpotwg 8% toiz FumoosPev Fb, mg. m. 1: yo. &iig 0¢,1.

h

AT péeer ©j MA loy yovin dga f vmd ABT yavly




APPENDIX I 351

AB = AF. ergo duae rectae 4B, BI" duabus ME,
E 4 singulae singulis aequales sunt, et 4I'= Md;
itaque erit L 4BI'== M54 [I, 8]. eadem de causa
4 etiam | HOK = AEN. itaqug
P L MEN = 4BI' +- HOK. se
rv /‘ldﬁ‘\‘_ , ABT + HOK > AEZ.  quare
vg:-‘—-‘-s/}‘f"' etiam [ MEN > AEZ. et quo-
2 niam duae rectae 4 E, EZ dua-
bus MJE, 5N aequales sunt, et
AZ=MN, erit _LMEN=AEZ
[L,8]. demonstrauimus autem, esse
etiam L MEN > 4EZ. quod absurdum est. itaque non
est 4 B= 5. deinceps autem demonstrabimus, ne mi-
norem quidem eam esse. ergo maior est. et si rursus
ad planum circuli perpendicularem erexerimus EP et
sumpserimus FP2= 4B*-- 45?, problema componetur.
iam dico, ne minorem quidem esse A4 B recta 4.
nam si fieri potest, sit 4B < A& et ponatur FO
= 4B, 5II = BT, et ducatur OII. et quoniam 4B
.= BI, erit 0= EII. quare etiam O4 = IIM.
- itaque A4 M rectae ITO parallela est [VI, 2], et trian- -
gulus 4 M5 triangulo IT5 O aequiangulus [I, 29]. itaque
HAd: AM = 5O : OIT [VI, 4], et permutando [V, 16]

<7

13. dvactjoopev P, sed corr.  14. wiv] ©6 F. 5P} P

eras. V, 5O b. omodapsda FV. o] corr. ex 6 P m. 2.
. ,18. ©0 dmé — =iy] in spatio uacuo et mg. m. rec. P.
70 and tig] 7 b. T0¥ amo] om. b, A5] A5 ov b;

mg. m, 1: yg. ©0 ¢xd tijg AB 0D dnd zig A5 ye. nol olrwg.
2éyo — p. 852, 29: d¢dvvarov] mg. m. 1 b, adiecta figura,

cui adscribitur: zodzo o oyijpa oPn fere TOD nELuEvOL,

20, éoviv P, qu‘ om. F, supra m. 2: xal 7j; xal % b.

21, O4] O in ras. F. MIT F, 23. AME] ABEM Fb,

MEA in ras. V.  24. 5} O] odrwg 5 5O Fh.
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lag og ) AF wedg iy FO, ovrwg i AM meog vy
OIl peitov 0% 0 AE vig EO° peltov &oa xel 7
AM vijg OIL. dida v AM vij AT devwv oy’ xal
AT &ga tiig OII éotv psliov. émel odv d0vo af AB,
5 BI' 0¥o zals OF, EII loaw elolv éxatépe énmaripn,
xal Boecig 9 AT Pacewg vijg OIT peltov Zovly, yovin
&oo §) vmd ABI paviag tijg Dnd OFII peltov éoviv.
opolog Oy xdv vy EP leny éxarégpa tav 50, I
anoidfousy xal émisvfousy Ty OP, dstbopsy, tu
10 el 5 Ymo HOK povie tig Ond OFP pelfov foviv.
ovvestdte 0% meog ofj AF e0Pely nal vH moog avri
onuelp T & tfj ptv vm0 ABI povig len 7 mo
AEZ, v 0t vmé HOK oy % vnd AET, nel xelodo
énozéon tav BX, BT v OF lon, xal ifleiydacey
15af 0F, OT, ZT. =xal éwsl 0vo af AB, BI' dvo
taig OF, BX loa elolv, nal yovie § vnd ABI yo-
vig vfj vm6 OEFX lon, Boais &ea % AT, rovtéoty 4
AM, Bocer 5 OX éovww i6y. O ta avre Of xol
9§ AN v OT loy éeriv. xel émel 0vo af MA, AN
20 dvo tais 20, OT loow &lolv, xol povia 1) Omd MAN
yovlag tiig vmo ZOT pelfov éovlv, fdeig Goa f§ MN
pdecwg tijg ZT ueltwv éovlv. ke §f MN tfj A2
dovw lon° xal § AZ dga g ET pelbov doviv. énsl
ovv %o af AE, EZ dYo raig Z5, HT loe &loly,
25 xal Paog ¥ AZ Paoswg vig T pelfov, yovia oo
1 0 AEZ yovieg vijc vmo ZET usiiov éoviv. oy
0t 7 vmo ZET vaic Omé ABI', HOK. =% doo vmd
AEZ vév t80 ABI, HOK psitov Zoviv. dAde el
éAdrTev’ Omeg advvarov.

1, ow 50] EO V. 8. 7 AT'] om. o. 4. 4T
T4 P uedfov éocl, sed Zov{ supra scr., F. 6. pelov
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erit 45 :50 = AM:OIl uerum A5 > EFO. itaque
etiam 4M> OIT [V, 14]. sed AM = AI. itaque
etiam 4I'> OII. iam quoniam duse rectae 4B, BI'
duabus rectis O, 511 singulae singulis aequales sunt,
et AT'> OI1, erit [ ABI> 05 [I, 25). similiter
si posuerimus P = 50 = EFITI et duxerimus OP, de-
monstrabimus, esse etiam [ HOK > OFP. iam ad
rectam 45 et punctum eius 5 angulo 4BI" aequalis
construatur [ 45 X [1, 23], et ponatur §X = ET= 04,
et ducantur OX, OT, ZT. et quoniam duae rectae
AB, BI duabus OfF, 5% aequales sunt, et [ A4BI"
— 05X, erit AT=0X[I, 4], b. e. AM=02X.
eadem de causa etiam 4N = OT. et quoniam duae
rectae M4, AN duabus X0, OT aequales sunt, et
LMAN>ZOT, exit MN> 2T [I, 24]. sed MN
= A4Z. itaque etiam A4Z > Z'T. iam quoniam duae
rectae 4E, EZ duabus X5, 5T aequales sunt, et
AZ>XT, erit [ AEZ> ZET [I, 25]. est autem
LZET=ABI'+ HGK. ergo [ AEZ > ABI'-}- HOK.
uerum idem minor est. quod fieri non potest.

comp. F, dox comp. g. 463/ PBV, comp. Fb. 7. doa]

comp, supra scr. m, 2 F. 8. uév] P, ual =, 10. OEP
yoviag F. éott P, comp. b, 11. mjy A5 evdsiav =,
et B, sed corr. Post 45 ras. 1 litt, V. 12. ionv P,
sed corr. 77] postea ins. m. 1 P. 13. @HK B.

AET] T e corr. m. 2 P. 14, #nstsvydo V, soev add. m.
rec. 15. of AB, BI' dvo] mg. V. 16. &l PV,
comp. Fb, « 17. 7] # F, corr. m. 2, 18. fdost] &

eras. V., 19, éorv oy V. AN] 4 ins. m. 1V,
20. 2 0] corr. ex OX V, OX B. slol PV, comp, Fb.
21. ST . éotf PV, comp, Fb. 22. aii’ Fb,
23, dov/ V.  24. o%»] om. B, X5] corr. ex EZ m. 2 P.
glo{ PV, comp. Fb. 26, pelfov ozl FV; seq. ras. tertiae
partis lineae F.  27. 7] (prius) xel § b,  29. edvrarov] &ro-
zov F, corr. mg. m. 2,
Euclides, edd Heiberg et Menge. IV. 23
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3.
Uulgo XI prop. 38.

'Eav énimedov moog émimedov SPov 7, xal dmd
Twog enusiov tav &v vl tov émmédov énl To Eregov
émimedov xddevog aydi, éml Tijg xowvijs Toudls weosiTaL
tov émnédov 9 dyouévy xddevog.

énimedov yag vo I'd émimédp 16 AB moog opdas
oo, nowwn 0% atradv toun éotw 1 A4, xal slijede
éml vov I'd émmédov wvydv enusiov ©o E* Aéyw, u
5 amd vov E énl v0 AB énimedov wuddevog ayoudvy
éml vijg 44 meceital,

u1 yoo, aAd’ & dvverdy, mmrire durdg og 1 EZ,
%ol cvpfaidére té AB émiméde xave toO Z oqusiov,
xol Gmo tob Z éml vy A4 év v$ AB imiméde xd-
fevog Eotw n ZH, fiug xal v I'd émnédp moos
doddg dotwv, nal émelevyd®w § EH. Zmsl ovv % ZH
v I'd émumédp medg Seddg omwv, Gmrever 0% avris
% EH ob6a v 16 I'd émnédeo, dody Goa dotiv 1
On0 ZHE ypovie. alde xel ) EZ © AB émnédp
npds OpPdg dorwv: ) doa vmd EZH dgd) éomwv. voi-
yadvov 07 10t EZH of 8Vo povias dedals ioeu sloiv:
Omep advvarov. ovx dea % dmd tov E éml 10 AB
émimedov nadevog dyopévy éurdg meesivan vijg A4
énl vy A4 e meceivar: Smep #0e Ociou.

X1, 38 post XI, 87 habent PBFV, om. b; & zice toov
avorypdpoy ob @igszar 76 iy P mg. m. 1.

in’ PBV, in ras. m. 2 F. ° 2, zé»] (alt) m. 2 F.  Ereoov]
post ¢ del. & P. 8. aydsi P, corr. m. 2. 8. I'd] I eras.
V. 6. A44] corr. ex A4 V, A4 F. 9. 44] A4'FV.
11. ovpPaiézw PV. 13, o] 778w BFV. ~ 14, Zon BV,
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3.
Uulgo XI prop. 38.

Si planum ad planum perpendiculare est, et a
puncto aliquo alterius plani ad alterum planum per-
pendicularis ducitur, perpendicularis ducta in commu-
nem planorum sectionem cadet.

Nam planum I'4 ad planum 4B perpendiculare
sit, et communis eorum sectio sit 44, et in I'"A4 plano
punctum aliquod sumatur E.

r
£ dico, perpendicularem ab E
4 T~% 4 ad planum 4B ductam in 44
g B cadere.

ne cadat enim, sed si fieri potest, extra cadat ut
EZ et cum plano 4B concurrat in puncto Z, et a
Z ad 44 in plano 4B perpendicularis sit ZH, quae
eadem ad planum I'4 perpendicularis est [XI def. 4],
et ducatur EH, iam quoniam ZH ad planum I'A
perpendicularis est, et eam tangit EH in plano I'd
posita, [ ZHE rectus erit [XI def. 3]. uerum etiam
EZ ad planum A4 B perpendicularis est. itaque [ EZH
rectus est. ergo trianguli EZH duo anguli rectis
" aequales sunt; quod fieri non potest [I, 17]. itaque
perpendicularis ab E ad planum 4B ducta extra 44

non cadet. ergo cadet in A44; quod erat demon-
strandum.
comp. F. EH] H eras. V., 18. fomv] (alt.) é’GuBB v,

comp. F. 19, dgduaig] 8o dodais FV, évo add. m. 2 B,
glolv] om. FV. 22, 7ijv] corr. ex zﬁg’m. 2 V. Ad FV.
omeg #dec Seikor] om. FV.

- 23 *
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4.
Ad libr. XII prop. 4.

Kol émsl va &v v ABI'H mvgoau(de 0vo molopare
loa dotlv alldjhowg, ddde wiy xal vo v vij AEZO
mveapld 0vo molopare lex ailjloig éoviv, Eavw
doo g TO moloue, oV Pdeig v0 BKAE magadyid-
yoouuov, ansvavriov 0% § MO ebdsla, moog vd moloue,
ov Pacig ptv ©0 AET velyovov, dmevevtiov ot w0
OMN, obtwg ©6 mglope, ov fiaig to IIEPD, duey-
avtiov 0% % ZT, medg vd molope, ob Pheig piv 70
POZ rolywvov, dmsvaviiov 0t 76 STY. owdédvu
dorly doo ag vo KBEAMO, ASTMNO mglopota
moog 10 AETMNO mglopa, obrwg re IIEGPXET,
POZETY molopavre mgdg 16 PDPZETT moloye.
dvariat doa éotlv og te KBEAMO, AST'MNO
ngdg 1@ IIEGPET, POZETY molouora, otrog 10

ETMNO molope mgds 10 POZITT molopc. 6f
0% 70 AET'MNO nolope medg ©6 PO ZETY molous,
ovrwg ey n AST fioig medg tiyy PDZ, xal 1
ABTI dowg mgds v AEZ Pdew. =xel dg dgo t0
ABT volyavov mgog 6 AEZ telymvov, ovrag 1o &

20 7] ABI'H mveauldr 0vo molopare mods va v tf

AEZ® mvgoulds V0 molopote. Opolwg 0 xdv Tag
vmodaumopdvag mvgapldas Oiéiousy TOV avToV TEGWOY
olov ¢ tag MNOH, ZTT®, ¥ror g § MNO

XII, 4. Pro uerbis d¢ 8¢ p. 160, 18 — deifar p. 162, 14
Theon (BVq). de figura u. p. 159.

2, douv loa B. 4. BKAE] in ras. V. 6. MO] Me
corr, V. 6. pév] om. V. 7. odtw B. 9. nal cvvdévn
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4.
Ad libr, XII prop. 4.

Et quoniam duo prismata pyramidis 4BI'H inter
se aequalia sunt, uerum etiam duo prismata pyramidis
AEZQ® inter se aequalia sunt, erit ut prisma, cuius
basis est parallelogrammum BK 45, ei autem oppo-
sita recta MO, ad prisma, cnius basis est triangulus
AET, ei autem oppositus OMN, ita prisma, cuius
basis est T EP®, ei autem opposita XT, ad prisma,
cuius basis est triangulus P®PZ, ei autem oppositus
ZTY. componendo igitur est KBEAMO + AET'MNO
: ASTMNO=IIE®PET+ POZETY: POZETY.
itaque permutando erit
KBEAMO 4+ AET'MNO : IEQPET+ POZETY

= AEI'MNO: POZEZTY.
demonstrauimus autem, esse 4EI'MNO : POZETY
= AEI': POZ = ABI': 4EZ. itaque etiam ut 4BI"
:4EZ, ita duo prismata pyramidis 4BI'H ad duo
prismata pyramidis 4EZ@®. similiter si reliquas py-
ramides, uelut MNOH, XTT®, eadem ratione diui-

q. 10. &oax Zotiv V. 11, oftw B. ITPEGXT, post d

ras, V, 12. POZZTT] P inter duas ras. V. E®ZETT
-, _molopata q. 18. KBASMO B. HAT'MNO B,

AETMON q et ON in ras. V; seq. melopaze V.

14. DE®PXT] &P in ras. V. ovrw B. 15. g 0% —-”16-

§¢ZZ22T T “afﬂﬂa] om. q. 18, fdow] om. V. 19. ovT®
. 22, vwolewmopévag] me. m. in textu ysvopéves.

23. &g] (prius) bisMV, §] mg. m. 2 B, in textu yevop
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Beoig mdg Ty TP Pociv, obrwg ta v tij MNOH
mvgaulde 0vo molouare meds to &v v ZTTO mvga-
uide 0vo molopora. ail’ &g § MNO fdeig mdg Ty
ETT fouew, otrwg 7 ABI" Bdeig meds iy AEZ

b Boow. xal dg &oa §) ABI' fdog meds tyy AEZ
Baewv, oUrwg xel ta v vj ABI'H mveaplds dvo molo-
poze weog ta v vii AEZO mvgapids dvo moleuare,
xol ve & vff MNOH 0Yo molopate mdg te v 7
ETTO mvgaulde dvo moleuare, xol To Té66aga mols

10 7@ vé66age. To avra O Osiydridever xel éml Téwv pe-
voudvoy moioudrov éx tijs Ougéstng vov AKAO0
xol AITPX mvgouldov xel mdvieov oamidg tov (6o-
ninddy: Omeg ¥0s Oetbo.

5,
Ad libr. XII prop. 17,

Adaxréov 0n xal &régmg mooysigbregov, bri psifov

16 dorlv § AW vijg AH. 80 dxd vob H v AH moog
bodag ) HA', xol énslevydo f AA'. vépvovess O
v EB mequpéoeiay Olyo xel iy fulosiey avriig
Oy xal Tovro del mototvreg xevedshpoudy Tive WeQL-
péosiav, 1 &otwv éldeowv tiig Umorewoudvng TOU
20 BTAE wvxdov megupsgelug vmd tijg long v HA'
AsdelpPdo xal fotw 7 KB meguploeie. éAdeoov &g
uel 7 KB e0dsia vijg HA'. nol émel év nbxdo éotl

XII, 17 inter émpdveiay et dvo p. 240, 6—6 PBVq. De

figura u. p. 231. pro 4’ in P scribitur o; litteram hanc in
fig. om. B. ‘

6. o3z0 Bq.  d¢o] om. V.

. wpog T, — TelopaTy
om. . 7. mgog To TOLOW ]

nwvgenlde dvo molopare] om. V. 8. nal] nat fu

I
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serimus, erunt ut MNO : Z TY, ita duo prismata pyra-
midis MNOH ad duo prismata pyramidis ZT76.
verum MNO : ZTY = 4ABI': AEZ. quare etiam ut
ABI': AEZ, ita duo prismata pyramidis 4BI’'H ad
duo prismata pyramidis 4EZ® et duo prismata pyra-
midis MNOH ad duo prismata pyramidis ZTY@,
et quattuor ad quattuor. eadem autem etiam in pris-
matis ex diuisione pyramidum 4K 40, 4ITPX ortis
demonstrabuntur, et omnino in omnibus prismatis nu-
mero aequalibus; quod erat demonstrandum.

. b.
Ad libr. XII prop. 17.

‘ Tam aliter quoque promptins demonstrandum est,

esse AP > AH. ducatur ab H ad 4 H perpendicu-
laris HA', et ducatur 44", iam arcum EB in duas
partes aequales secantes et dimidiam partem eius in
duas partes aequales et hoc semper facientes arcum
quendam relinquemus minorem arcu cireculi BI'4E,
sub quo recta aequalis rectae HA' subtendit. relin-
quatur et sit arcus KB. itaque erit KB< HA'. et

V. 87%0] e corr. V. 9. z¢] om. B. zéeasoe B, corr.
m, 2. 10. z¢] om. q. zésezoa B, corr. m. 2, yvoué-
voy q. 11. zd»] corr. ex o m. 2 B, AAKO V.,

12, fcou’ln&o’é:l] elg 70 mlijFos q. 18, Omep #0st Jsifou] om.

BVog; in V del. 5t 8¢ domr dg 7o A. 16, AH] (prius) H

e corr. V, 4K q. 16. H4'] HA4 Vq, H B. 44’144

Vq, 4 B; mg. 7 HA xol émsfetido 9§ A4 m. 2 B.

18, 7o¥ro] 76 avté q.  19. forww] fovaw q.  20. 7jj] vijg B.
HA'] HA V (4 e corr.) et B (supra ser. 4 m. ), Hy q.
21, slhijgpdo q. 22, HA')HAV,H4q, HB (supra

ser. HA m. 2).  dorw P
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10 BKXO0 tevganisvgov, xal slow ioew of OB, BK,
K2, xal éhdvrov y 0Z, duPlsia Fou dorlv % vmo
B¥K yovie. usifov &oe 11 KB zijg BY. dila vig
KB ypeltow éovlv # HA'* moldg &oo 77 HA' pelfoy
dotl thig BW: peitov dpe xol o dmo tijg HA vod
ano tijg BW. xal émel lan éovlv § AA" vjj AB, i6ov
nol vd awo vig AA" G dnd vijg AB. dMa vd pdy
and vijg A4’ low v& dnd vov AH, HA', t5 0} éno
tijg AB loa ta and tav BY, WA ve doa dmo tay
AH, HA4' ioe voig dxd vév BY, TA, dv 10 ¢no
vijg B &larvdy dove tov dwd vijg HA'; Aomov &gu
70 dmd WA peildy dors 10d dmd AH psifov doo
AT g AH, '
6.
Ad libr. XIII prop. 6.

‘Eev yry edPeie dngov nal pdeov Adyov tundi,
éxdregoy TdV Tunudray dmorowd et vy yig. 1
AB éxoov xal uéoov Adyov teruriede xava vo I 6y
uelov. evuuergov Tufud fove v6 AT Aépw, Ot éxe-
téoe tiv AI, I'B dmovourj éove. nelodw vig AB
nuleeiw 7 Ad. §yey 0% 5 AB* $quy oo xal f§ A4
nel émel mevvamidedy éori to dmd vijg I'A vob dmo
vijg A4, fnrov 0% 7o amd vdv AA, Gyrov dee xol

6. Haec propositio inter libb. XII et XIII legitur in solo
q (cfr. p. 246 adn. crit.), in re parum differt a XIII, 6, qua-
lem recepimus; sed uerba .magis abhorrent, quam ut scriptura
codicis g inter discrepantias meras recipi possit. est detrun-
catio prop. 6 genuinae. cum praeterea scriptura erroribus serl-
barum plurimis laboret, interpretationem Latinam non dedi.

1. aof] om. q. 2. 9m6] omd ©é B. 3. dAdd] didd el Q.
4. HA') HA V, AH q, H B (supra ser. H4 m. 2).
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quoniam in circulo est BKXO quadrilaterum, et OB
= BK = K Z, minor autem 0X, obtusus est . BTK,
itaque KB > B¥. uerum HA’ > KB. itaque multo
magis HA' > BW. quare etiam A H®*> BW?, et
quoniam A.4" = A B, erit etiam 4’ 4% = 4 B®. uerum
AH? + A'H? = 4" 4% B¥*® 4+ P 4® = 4B% ergo
AH? 4+ A'H:=B¥?*{ ¥ 42, quorum BE?* < 4" H?,
itaque 42> 4H® ergo AW > 4H.

HA'] HAV (4 inras) et q, HA e corr. B. 5. peifov] pel-
govP. HA'] HA V (4 in ras.), HA q et B (4 postea ins.).
6. ziig] om, P, 44"] A4 Vq, 4 B (supra ser. m. 2 44).
tjj] corr. ex t7is P. 7. A4’] A4 Vq, 44 postes ins.
B. 7] corr. ex tod m. rec. P. 73] corr. ex ©¢ m, 1 q.
8. 44’ A4 Vq; AHB, 44m. 2. AH] &7 B.
HA4') H4 Vq, H4 B. 10. AH] ins. m. 2 in spatio uwacuo
B. ~ HA4') HA Vq; H4 B, corr. in HA.  ioa fout V.
11. d67) om V; Zomwv P, wiig] om. P.  HA'] ras. V, H4
q (H e corr. m. 1), g B; seq. »od comp. V. 12. ziig ¥4
Vaq. g AH Vq; 4 mutat. in 4 B
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70 and tov AI. xol émel mevvamiaeidy deve ©d dnd
wijg AT Tod amod vijg 4A, ©0 &g amd vov AT mgog
70 ax6 oY A4 Adpov 0vx Eget, Ov TsTEEY@YOS deLduig
mQ0g TeTQUYOVOY dQLiUoY, dAL’ Ov udv dodudg meos

5 doududy. devupergog doa dotiv 4 AT vij A4 wixe,
nol éove gy Exavéoar of I'd, AA dgu dyrel sler dv-
vduer povov GUupeTgol. dmorvouy &oo fetlv 5 AL
gney 0t 7 AB, xai ve awd voy A iGov megd vy
AB moagapéfiyror ©0 Umwd vév AB, BI. 1o 0 @

10 émorouny mege YTRY megaPeAldusvoy mAdzog mous
amotopny We@TRY. Gmorous) Koo xel §) I'B. énerépn
6 doa wov AL, I'B dmovour) d6mv. éav &ge $nqm)
sUdsle Gxgov xel péoov Adpov Tundij, éndvsgov Tov
TunudToy drotour feTuw.

1.
Ad libr. XIII prop. 5.
15 "didwg.

"Eow svdeia yoouuy dxgov xol uécov Adyov tundf,
dorar dg Ovveppitsgos 17 OGAy xal vo usifov Tuijuc
medg Ty GAnv, olrwg f) 8An medg ©d peifov Tuiue.

Eddsta pio wig 1) AB dxgov xal uécov Adyov e

20 tufedw xare vo I, xal foro peifov tuijue 0 AL
Ayw, Ome dorly dg ovvaupiregog ) BAT meos AB,
odtwg 7 BA moog AT.

Kelodo pag vij AL long 5 Ad* Adyw, Su éorly

7. Hoc -&Alws habet P post XIII, 6, q in textu pro XIH
6, b mg. m. 1 post XIII, 5.

1. Gliws] om. q, in quo numerus prop. erasus est.
16. péoo q.  20. forw] f6tae b.  21.4B] BA P.
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1.
Ad libr. XIIT prop. 5.
Aliter.

Si recta linea secundum rationem extremam ac
mediam secatur, erit ut tota cum parte maiore ad totam,
ita tota ad partem maiorem.

nam recta 4B in I’ secundum rationem extremam
ac mediam secta sit, et maior pars sit 4I. dico,
esse B4 4+ A': AB = B4 : AI. ponatur enim 44
= AI. dico, esse B4:BA = BA: AI. nam guo-
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og 1 BA modg vy BA, obrwg ) BA meds vy AT
émel poo 1 AB dxngov wnal uéeov Adyov térunres xove
©0 I, xel peifov tpfjua dove 10 AT, &orww dga g 1
BA moog iy AT, otrwg ) AT mds wqv I'B. loy
0t § AT =} 44" &vw &go dg 1) BA mods A4,
ovtwg 4 A meog I'B* avdmalww &pa Zotly dg 7
A4 meog vy AB, otrwg  BI' mpdg iy I'4* evr-
Dévrr dga éotlv og § AB medg v BA, otrwg %
B4 moog AT ion 0€ evwv §) A4 vij AT Eovw dou
og Gvvappdrsgos ) BAT meds v AB, obrag i
BA mgog AT xal émel 0édewnvon 3¢ ) 4B mods BA,
otrwg 1 BA medg AT, ion 0% ) I'd v} A4, ¥onw
&oo &g | AB medg Ty BA, ovrwg % BA mgdg m
Ad. xol 7 AB &oa Exgov xel pécov Adyov vérunTes
xove ©0 A, xal v0 peifov Tudud doviv 7 & doyis
e09elw ) AB* Omeg #d& Ostias.

8. .
Ad libr. XIII prop. 1—5.
Tt éetwv Gvidveig xel 1 éote edvdsaig.
‘Avdiveig ptv odv g6t Afjpug Tod {nrovpévov og
duodoyovuévov 0id T@Y dxorodPaw énl T aindig Opo-

20 Aoyovusvov.

8. Hae analyses in meis codicibus coniunctae sunt. legun-
tar in P (in quo demonstr. alt. prop. 5 sextam sequitur) post
demonstrationem alteram prop. 8 (supra pr. 7 signatam), in B
post prop. 6, in b post prop. & (prop. 6 deest), in g post pro-
positionem in eo sextam, quam supra nr. 7 signauimus; in V
analyses prop. 1—3 in textu sunt post prop. 6, prop. 4—b
eodem loco mg. inf. m. 2

2. 4Bl B4 P. 4. BA} 4Bq. 5. 34 & P. A4
A4 P, iy AdP. 7. 4d4] 4B b. wjy] (prius) om. b,
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niam 4B in I' secundum rationem extremam ac me-
diam secta est, et maior pars est AT, erit B4 : AT
=AI':T'B. uerum AI'=AdA4. itaque BA: 44
= AI': I'B. e contrario igitur 44: AB= BI':T'A4.
componendo igitur 4B : B4 = Bd: AI. uerum A4
= AI. itaque BA - AT': AB=BA: ALY et
quoniam demonstrauimus, esse 4B : B4 = BA: AT,
et 'd =44, erit AB: B4 =BA: Ad. ergo etiam
4B in A4 secundum rationem extremam ac mediam
secta est, et maior pars est recta ab initio sumpta
4B; quod erat demonstrandum.

) 1.
I |

1 1
4 4 r B

8.
Ad libr. XIII prop. 1—5.
Quid sit analysis, quid synthesis.
Analysis est adsertio eius, quod quaeritur, ut con-
cessi, qua per consequentias ad aliquid peruenitur,
quod uerum esse conceditur.

1) Hic perfecta est demonstratio propositionis, qualis in
nostro §ilwg exposita est. reliqua addita sunt, ut intellege-
retur, sub hac forma idem demonstrari ac in ipsa propositione
5, qualis in textu exposita est.

9. mwoog] meos iy P. 8] & P.  44] 44 P. 10. 4 B]
BAP 11 mw AT'P. 12 T4] AT P.  44)] 44 P.

14, xel] (prius) om. P. 15, xef] om. b. 17 2/ — cuw-
Peaig] om. V, 18, piv od»] om. BVbg.  Zetw P.
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Zovdecig 0% Afiig ToD OGpodoyovudvov Ok Taw
dxodovdav &nl tv dAndis Spolopovpsvov.

Tod & Peworfjuarog 5 dvddveig xal 1 6vvHedig
dvev xataygapig.

Ev@eie pdo wig 7 AB dxgov uel pégov Adyov e
Twiedo xave ©o I, xel é6to ueifov tufjue f AT, xal
T fwosle i AB lon xslode § Ad: Léyo, ou
wevranddaidy éote T0 amd wijg ['4 tov amo tig A4,

‘Ensl yog mevremddoidy Zeri vd amd vijg I'd vov
amd g AA, o 0% mo vijg I'4 dow vo dmd v
T'd, A4 psra ot Olg omd vév I'd, Ad, & v
ano tdv I'd, A4 pere rod g Omd vov I'd, 44
wevvamddoid 6Tt tod amd AA" dusAdvre &g 70 dmo
viig T4 wero. tov dlg omd védv ['d, AA tevpemddout
dotL 700 dmd AA. Ak T pdv Olg vmo v I'd,
A4 ieov éorl ©6 Vmd vdv BA, AT dumdi] yog 1
BA tijs 44" vj 0 émd tijg AT isov éord 1 vad
t6v 4B, BI™ ) yoo AB #xgov nal pédov Adyov 7
Tumron o Goe md tdv BA, AT psva vov vmd AB,
BT tetgamhdoidy fote tod dmd viig Ad. dAAe O
Swd tiv BA, AT pevd voi omd vov AB, BI' 10
dnd viig AB fotw. vd How dmd vig AB vevoumie-
616y doTs Tod dmd Ad. Eov 8¢ dumhii pag fonw
AB zijg A4.

2. 7 dinPe duoloyosusver] P, wiw tod ELnrovpévov netd-
Inky Fror mazdinyy BVbq. 10. zd] zo b. dotv B.
12. 44] (alt.) corr. ex 4" m. 1 b. 13. dotew P.
viig 44 V. 14, zereamhdoidy Vq. , 1s. zév] om. bq.
16. 6] ov b. Tdv] om. g, yde fezw bq. 17 )
corr. ex rév m. 2 P ATl T'4 q. 19. AB] zdv AB }’

20, zfig] om. V. 6] =@ q. 22, gzd] bis g. 78]
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synthesis est adsertio concessi, qua per consequentias
ad aliquid peruenitur, quod uerum esse conceditur.

Analysis et synthesis prop. I sine figura.

recta enim 4B secundum rationem extremam ac
mediam secetur in I', et maior pars eius sit AT, et
ponatur 44 =1, AB. dico, esse I'd® = 5442

nam quoniam I'd? = 544%, et

T4 =TA4? 4 44* 4 2I'd >< 44 (11, 4],
erit Id® A A4A* 4 2I'd>< A4 =544% itaque
subtrahendo I'4* 4 2I'd X Ad =444% uerum
P A4 Ir B

I I ] |
I 1 I 1

BAX AT =2T'd>< A4 (vam BA —=244d), et
AI'* = 4B >< BI' (nam 4B secundum rationem ex-
tremam ac mediam secta est). itaque BA>< 4T
+ AB><BI'=444% vuverum BA> AI' } AB
X BI'=A4B? [1I, 2]. ergo AB®*=4.44% et est;
nam 4B = 244.

om. P. dom V, loov ot bg. dné] vmé b, 23. dmo)
a6 tijg V, dmo b.
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Zvvdeceg.

"Entsl odv vevgamhdoidy ot to dmd tiis AB rob
and vijg AA, diie ©0 dmwd BA ©d tnd BA, AT éon
pere Tob vmd AB, BI', 70 édga vmd BA, AT pevd

5 700 w0 AB, BI' tergamidoiéy d6te Tov amd Ad.
GAde ©o pv Umd vdv BA, AT icov dovl vd Olg vmd
16y A4, AT, ©d 0t vnd vdv AB, BI" igov éovi v
and vijg AT ©d &ga dmd vijg AL peve Tov Olg vmd
tov A4, AT terpamideidy éote Tov amd vig 44

10 dote & anl vdv AdA, AT pere vod Olg Vmd v
A4, AT mevramddowd éove 10D dmd vijg A4, va O
end vdv A4, AT pere: Tod Olg Umd vy A4, AT
¢ and vijg I'd éovw. v0 doa dmo vijg I'd mevro-
wAdoLdy domi Tod and vijg AA° Omeg Ede dsibou.

15 To® B Seoofparog § dvdiveig xal § 6ovdsdg
VeV xaTOPQ QIS

Ebdsia pig vig 7 I'd wuijuerog Eevrijg vov 44
nevramhdaior dvwdedw, tijg 0% AA duhij xelodw 1)
AB* Adyw, 0te 1 AB &xgov nal uéeov Adyov térumros

20 kot ©0 I’ onuelov, xel ©o petfov ruijud dotw n A,
frug éotl v0 Aowmdv wégog vijg € apyiis svdslag.

Ensl 7 AB dxgov xal uéeov Adyov téruyror xevd
7o T, nod ©0 peitov tuijud éonv §) AT, vd dow Um0
vy ABI ioov dotl vi dmd vijg AT, &omu 0% wel v

95 Omd vow BAT =6 0lg Ond vdv A4, AT lGov: dumdi]
yigp dovw 7 BA vijg Ad* v dge vmd tév AB, BT
uere ot Omd tdv Bd, AT, Smeg éotl vl dmo vig

2. B4 BV, B"4" b, 3. éemiv B, 11, wevzomideiéy
Vo. 18. dotwv] dote Vq, comp. b. 14, Gmweg 31 Osia]
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synthesis.

Tam quoniam A B2 =444% et BA*=BAX AT
+ AB >< BI'[II, 2], erunt BA > AT ++ 4B >< BT
=4A44% veram BAX A'=244>< A, AB><BI'
= AI? itaque AT 4+ 244 >< AT =444 quare
AA? 4 AT? 244>} AT =54 4% uerum AA4*
G AT 4+ 24 A< AT =T4? [II, 4]. ergo I'a?
= HJ 4% quod erat demonstrandum.

Analysis et synthesis prop. II sine figura,
quadratum enim rectae I'4 quintuplum sit qua-
drati partis eius 4.4, et ponatur 4B =24 4. dico,
a A r B

) ! |
| L t 1

rectam 4B secundum rationem extremam ac mediam
in puncto I' sectam esse, et maiorem partem esse
AT, quae reliqua pars est rectae ab initio sumptae.

quoniam 4B in I' secundum rationem extremam
ac mediam secta est, et maior pars est AT, erit 4B
> BI'= AI® uerum etiam BA>< AI'=24A4>< AT}
nam BA=24dA4. itaque erit AB><BI'+ BA>< AT

om. q, 0)— b, 15. 7] (alt) om. P. 19. 16yov] om. b,
20. eyueioy] om. V. 76] om. bq. 21. doriv P,

22, insl ydg BYV.  25. B4, A'b. 26, BA] 4B q.

27. tod] om. q. wov] om. Bbq. éotiv P,

Euclides, edd. Heiberg et Menge. IV, 24




10

16

20

25

370 APPENDIX I.

AB, lgov Zovl © Olg vmo tov A4, AT perd vov
and tijs AIL. zergamideiov 0% o amd g AB rod
and vije AA’ vevgamdaeiov &oe xel vo Olg VEO THY
AdA, AT pere 100 odnd AT vov dnd AA" @ore 10
ond rov A4, A peve vob dlg Umo tédy AA, Al
Omeo éotl ©o amd vijg I'd, mevvamddeiov éate Tob dnd
g AA4. &6t O€.

Tvvdeaug.

‘Ensl ovv mevvamlaoidy dov to dmo vijg I'd vod
and vijg AA, v0 0% dmo viig I'd e amo tav 44,
AT dovu peve vov Olg Umo tdv A A, AT, va dou and
tov AA, A" psre Tov g Vmod rov A4, AT meve-
whooie éote 10D amo A A. Owzddvre T0 dlg Tmo T
AA, AT peve tod amd vijg A zetpamhdaidy éon
tov amd vhig Ad" Sote 0% wal TO amd tig AB vevou-
wAdeLov 100 amd AA* ©d dge Olg vmd vhv A4, AT,
Smeo dorl ©o Gmaf Omd vév BA, AT, uere tob and
AT, loov éorl ©¢ amd vijc AB. adde 0 dmd 7§
AB t0 w6 AB, BI' dev psra tov vmd BA, A"
70 &oa Umd BA, AT psre tov vmé 4B, BI' ioov
dotl v vmd BA, AT peve vov dmo AT xal xowod
dpargedévrog 0¥ Owo BA, AT, Aoimdv Fea td vmd
AB, BT isov o1l v dmd AT fomww dga g 1 BA
mods iy AT, ofrwg i AT medg tiv I'B. weilow 8
4 BA vils AT psifov doa wal f AT vijg I'B- 7 AB
o &xgov xal pécov Aéyov tétunrew xave o I xel
70 peifov tudjud fotw 7 AT Gmep E0s Octbus.

4. dnd vis AT V.  zig 44 V. wd] w6 q. b pend

— AI'] supra m. 2 B. vmo] dmwd q. 6. oviv PB.
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=24 A< A4 AI"=A4B?[11,2]. sed AB*=4 44>
itaque etiam 244 > A + AI'* = 444" quare
AA® 4 AT? + 244 >< AT = 54 4% = T4%[1], 4].
et est.
synthesis.
iam quoniam I'd2=544% et I'd?= A A+ AT
4 244>< AT [1I, 4], erit A4°+ AT+ 244
> A'=54 A2 subtrahendo erit 244> AT AT
= 4.44% verum etiam A4 B?*=444% itaque 244
> A - AT = AB? = BA > A" + AI'? uerum
AB® = AB>< BI' + BA> A" [II, 2]. 1itaque B4
> A" 4 4B >< BI'= B4 >< AT -} AT™ et ablato,
quod commune est, BA >< AI" erit AB >< BI'= AI™,
itaque BA: A= AI':I'B. et Bd > AI. itaque
etiam AI'>I'B. ergo 4B secundum rationem ex-
tremam ac mediam in I" secta est, et maior pars est
AT quod erat demonstrandum.

ré] om. B.  zevtamlasa B, comp. V. 7. =ii¢] om. P,
fomv Bb, om. q. 0] om. q, JE b; dein add. dee iy Hmd-
deoy BVq, mg. m. 1 b. 10. za] 76 BV, 11. forww B.
amd] corr. ex vmo V. 13. éor:] om. V, 44 q, vijg
44 V. 15. z7jg] om. P. fotv B. ¢nd] corr. ex ¢ m.
1P 16. 7ijg 44 V. tév] om, P, 17. dotty B.
18. dil¢ — tij¢ AB] postea add. m. 1 mg. P. 19, 97m6 Tav
V. ot B. 20. vmd] (alt) emxo q. foov — 21. BA,
AI'} postea add. m, 1 mg. P. 21, 7] corr. ex 76 m. 2 P
28. 4B, BI'] corr. ex ABI"V AB b, ABI’B
25, AT] (pnus) r4 q dge AB v, 27. dmee #de
deiker] om. Vaq, 0)— b.

24%
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Tod p deworuarog 1 avalvoig xal q
6vvdedig.

Evdeie pog yoopun 1) AB dxgov xal uésov Adyoy
terunode xore 70 I' equeiov, xal éoteo usifov tuijpe
3 AT, xoi tijg AT quicae § I'd Aéyeo, v mevwe-
nhdoLov éott O amo tijg BA o dmod vijg I'Ad.

‘Emsl yoo mevvamddeidv é6ve vo amd tijg BA tob
and vijg I'd, vo 0% dmd wijg AB ©d vmd vdv AB,
BI' éovv peve vod amé AI', 76 dga vwo AB, BT
pere Tov and AI' mevtamddeidy éote Tod amo AI
dueddvre 0 dpe vwo AB, BI tevgamhdaidy éott vob
and AI. 1 0% vmo AB, BI leov éoti 7o amd 7is
AT 3 yag A B dxgov xal pésov Adyov tévpywur xeve
70 I. 70 &go amd vijg A vevpamldeidy dom Tod amd
AT, ¥oty 0€° Oumdij yoo 1y AT wijg AT

‘H 6vv¥eo.g.

Ensl Owmdij dovw % AL vijs AT, vevpumhagiov
dors 10 omo AT tod dmd AI. ¢Ade v dmo AT
igov forl 10 vmd AB, BI 1o &pa Umo AB, BI
revpanmidoidy 6T Tod dwd AT. cvvdévr 10 dgo vmo
AB, BI" ueve 100 ano AT, Gmep éovl ©o dnmo 4B,
mevtemAdotdy €ote Tov amo AT Gmeg &0er Ocibar.

Tod & dewonpatog 9 avalvmg xal 7
GUvdedig.

Eddsta yio poapun 7 AB &xgov el uéeov Adyov
retwiodo xeze o I, xel d6re weitov tuijue ©0 AT

1. %] (alt.) om. q. 3. 'yag] om, bq. 1éyov] om. P.
8. dB] e corr. V, B4 q. 9. BI'] corr. ex A" m. 2B.
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Analysis et synthesis prop. IIL

recta enim 4B in I' puncto secundum rationem
extremam ac mediam secetur, et maior pars sit 4I"
et I'd =Y, AT dico, esse BA®=5TI4d>

nam quoniam B4? = 5%, et AB*=A4AB><BI’
-+ 4 (ll, 6], erit AB >< BI' 4 A" = 54T sub-
trahendo erit 4B >< BI' = 4 4I"% uerum 4I™® = 4B

A 4 r B

b : J I
>< BI'; nam 4B in I' secundum rationem extremam
ac mediam secta est. ergo AI'® =44I% et est;
nam AI'=2A4T.

synthesis.
quoniam AI'= 24T, erit A" = 44T% uerum
AB > BI' = AT itaque 4B >< BI'==44TI®% ad-
dendo erit 4B >< BI' 4 AT =54I""= 4B? (11, 6];
quod erat demonstrandum.

Analysis et synthesis prop. 1V.

recta enim 4B in I' secundum rationem extremam
ac mediam secetur, et maior pars sit 4I. dico, esse
AB? 4- BI' =3 4TI™

tiig A"V, I'd P, 11. o 76 BYV. 16. zijg
ar v. fomy B. 16. 5] om. Baq. 17. I'4 P.
18. 7] corr. ex w6 m. 1 b. d@md] om. b.  20. dmd] (prius)

om. P, 22. dovw P.  Gmeo £06r dsikoe] om. q, 0)— b.
28. %] (alt) om. q.  26. yde] om. bq.
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Adya, Ot e dnd rédv AB, BI zoimideid et tov
ano AT
+ ’Emgl pag to and védv AB, BI tgumhdeid éote Tob
and AT, alde ve éwo védv AB, BI' ©o dlg vmo tov
5 AB, BI" éotv psra tov amo AT, 70 dea dig vmo 1oV
AB, BT pere tot amd A touwddeiov ovi tob dmo
AT duzdovre ©o doe dlg vmd AB, BI" dumddeidy éote
100 amd A" dore zo vmd vdv AB, BI' igov éorl
1 and vig AI. &ove 0¢° 1 yeg AB dugov xal péoov
10 Aépov vérunrar xere vo I

‘H 6vvde06.g.

Emel v AB éxgov xal péov Adyov véruyrar xeve
20 I, nol dove peifov tuijue 9 AT, 16 &g vmd AB,
BT lgov Zotd v amd AI" ©6 &ou dlg vmd AB, BI'
15 duwhdeidy €otL Tov dmo AT cvvdévr 10 dpa dlg Vo
v AB, BT pere tov and AT zoumddoidy éets Tov
and AT. &lie ©o dig vmd v AB, BI' pere vob
émo tijg A va dnd tév 4B, BI' é6tu tevpdyave
za dgo amd vdv AB, BI' roumidoie éote Tov amd AI”
20 Omsp &0er Ociou.

Tot & Sswpnuatog 1 avdiveg xal 7
avvedig.
Eddeia pig tig 7 AB &xgov xal uésov Acyov te-
twjode xare to I, xel ovw psifov wufjue n AT,
a5 %ol ©ij AT lon xeloBo 9§ A" Aépo, St 1) AB dxgov
xol wéoov Adyov zérumron xeve 0 A, xel to peilov
Tufjuc éorev 7 AB.

5, zod] om, V. 6. doziv P, 7. zdov 4B V.
dimldotoy — 8. BI'] om. q. 8. 76) om., b,  ®mé] dmo V,
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nam quoniam AB2% - BI" = 3A4I"?, sed 4B? - BI"?
= 24B >< BT 4- AT [II, 7], erit 24B >< Bl 4 AI"
= 3A4I"". subtrahendo erit 24B>< BI'=2A4I"

A r B
| | |
i 4 |

quare 4B >< BI'= ATI? et est; nam 4B secundum
rationem extremam ac mediam in I' secta est.

synthesis.
quoniam 4B secundum rationem extremam ac me-
diam in I’ secta est, et maior pars est 4TI, erit 4B
> BI'= AI™ itaque 24B> BI' = 24I? ad-
dendo erit 2 4B >< BI' 4 AI'* = 3 AI'% vwerum 248
> BI'+ A" = 4B® | BI* [II, 7]. ergo AB®
+ BI'® = 34T quod erat demonstrandum.

Analysis et synthesis prop. V.
recta enim 4B in I" secundum rationem extremam
ac mediam secetur, et maior pars sit 4T, et ponatur
Ad = AI. dico, 4B in 4 secundum rationem ex-
tremam ac mediam sectam esse, et partem maiorem
esse A4 B.

enef 9mo Bb, 9. 7@] supra ser. o m, 1 b,  7fig] om. B,
fetwv B. 10. I" énsp #0aL dsikar B. 11. ] om. Bb.
18. nel — AT'] postea add. m. 1 P, mg. m. L'V (4T e

corr.) 14. joov — BI'l mg. m. 2 B.  25) 76 q.  dwd]

om. B. w6 tdv B. 15, dumddetov — AT'] etiam in mg.

a m. 2 B (zijg AT). 18. t7jg] om. q. dotww P. 19. BI"

Tetgayove Bhq. 20. 8mweg #dse deifon] om. q, 0)— b,

21, %] (alt.) om. V.
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Emel pap 1) 4B dxgov nal péoov Adyov téruyim
sore 10 A, nal 10 psitov rufud oty § AB, ouw
doe &z 1 4B mgog Ty BA, ovrwg 7 BA medg iy
Ad. len 0t v Ad v} AT éomw éga g 9 4B meog
v BA, oVreg 1) BA moog iy AI" aveeroépavn
doo og 7 BA moog Ty AA, oitwwg 9 AB meog Ty
BI™ Ouwddvre dge dg % BA moog tqv Ad, otwwg 1
AT moog oy I'B. oy 0 5§ AA vfj AT Sorw o
g ) BA modg v AT ottws % AL moog vy I'B.
fore 04" W yag AB éxgov nal udeov Adyov térunes
xorve 0 I.

‘H 6vvdeaes.

Ensl 9 AB dngov xal uéoov Alyov téruyrer xeve
v6 T, Eovwv &oo ¢ 7§ BA medg wiw AT, obreg 1
AT moog miy I'B. oy 02 § AT vfj Ad* éeuw doe
og 7 BA modg iy Ad, olrwg v A" mgog v I'B’
evvdévre dg N B moog iy dA, otrwg 5 AB mpds
v BI™ dvadreépavre dg % B meog Ty BA, ovwwg
% BA meog tqy AL ion 0% 4 AT ©fj A4 Zouw beu
&g % AB mpog BA, otrwg % BA meos AA. 7 e
AB éxgov nal péeov Adyov térunrar xera v0 A, xod
©d usitov tudjud dovww f) AB* Omeo e Ocibar.

9.
Ad libr. XIIT prop. 17. .
‘Pyryy yoo 1 AB @ngov xal uéoov Adyov terpiedo
xove 70 Iy xel &oto psifov v0 A mgoensicho O

9, Ad uocabulum #5fov p. 326, 19 signo ¢/ relatum in mg.
inf, hab. P m. 1 (pro scholio).

1. émsl — 2. AB] mg. V. 1. ydg] ovv V. 2. nave
z6 4] om. V. 6. Bd] corr. ex B4 m. 2B. 8. ton — 9.




APPENDIX 1., 377

nam quoniam 4B in A secundum rationem ex-
tremam ac mediam secta est, et maior pars est 4B,
erit JB: BA=BA:A44. sed A4 = AT. itaque
4dB:BA4=DBA: AI. itaque conuertendo erit B4

4 4 r B

f | | I
tdd4d = AB:BI' [V, 19 coroll.]. dirimendo igitur
BA:AA=ATI:I'B[V,17]. sed A4 = AI. itaque
BA4: 4= AI': I'B. et est; nam 4B secundum ra-
tionem extremam ac mediam in I' secta est.

synthesis.

quoniam 4B in I' secundum rationem extremam
ac mediam secta est, erit B4 : AI'=AI': I'B. sed
AI'= A4d. itaque BA: A4 = A4I': I'B. compo-
nendo igitur BAJ: J4 = A4B:BI' [V, 18]. itaque
conuertendo 4B : BA = BA: A [V, 19 coroll.]. sed
Al = A d. erit igitar 4B: B4 = Bd:44. ergo
4B in A secundum rationem extremam ac mediam
secta est, et maior pars est' 4B; quod erat demon-

strandum.
9

Ad libr, XIIT prop. 17.%)
recta enim rationalis 4B in I' secundum rationem
extremam ac mediam secetur, et maior sit 4I" ad-

1) Hoc scholio idem demonstratur, quod in prop. VI, quam
omittunt codices nonnulli; inter eos tamen P non est.

I'B] mg. m. 2 B. 12. 5] om. Bq. 17. 71j»] om, q.
19. 7fj A4} inras. m. 1 P.  20. meos =iy BA V. 15w Ad
Vb, 21, xara 6 4] postea add. m, 1 P. 22, 8meo #dee

dsifod] om. q, 0)— b. detton] 1o V.,
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9 .Ad quiosa g AB. dnry doo nal ) AA. xod el
wevromhdoiov ©0 and I'd vov dnd AA4, of I'd, 44
doo gnrol elow duvvdper povov cvppsToor. dmovops
dga § AT. ¢gnn) 0t § AB. 70 0% dmd dmoropis
nege ¢nrny megaPadldusvov mwhdvog moisl dmotowiy’
amorous, doo éotiv 4 BI. éxdregov égo vdv Al
I'B dmotour] d6tev 6 moocagudfoven Ok wijg utv AT
% Ad, vig 0 T'B § I'4.

10.
Ad libr. XIIT prop. 18.

"AAAwg Ove peitov éotlv 7 MB tig NB.

Enel yao Oumdij éovwv 5 Ad vijg 4B, toumhi dg
9 AB wijg¢ BA. g 0t 9) AB mpdg vy Bd, ovrag
t6 and vijg AB mols o and vig BZ die 1o lsoya-
viov elvar ©0 ZA B tolyovov ve ZAB rouyave. o
widaiov &ge ©o and Tis AB vo¥ and vig BZ. édeiydy
0 o and m’ig AB tot amo tijg KA mevramideiov.
wévre Qo T AmO m]g K4 tgml toig and viig ZB ioe
dorlv. alde vTole T amd tig ZB fs& TGV ano Tis
NB upeifove dorwv. xal mévre doo o amo wijg K4
8 vdv dwd tig NB psifovd dorw. dore xel v 1d
and s KA évdg tob amo vig NB psifév éorw.
pelfov doa % KA vig NB. loy 0t §) KA i AM.
pelfov oo | AM ziig NB. moldd doo 1) MB tis
BN usitov éotiv: Omeg &0s dsifar. Ore 0 ol t@
dnd tijg ZB ¥ vdv dmd viig BN uelfovd éomwv, Osi-

10. Post dsifor p. 336, 14 hab. PBVq.

7. 6] h. e”onse e Ozikou. 9. Post NB add. V: al
log dextéov, Oti pelfov doriy 7 Tob slnocaédgov nlevo TS
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liciatur autem 44 =Y, 4B. itaque etiam A4 ratio-
nalis est. et quoniam est I'4® =54 4% [XIII, 1],
rectae I'd, 4 A4 rationales sunt potentia solum com-
mensurabiles. itaque 4I' apotome est. sed 4B ra-

4 A r B
I ! | )
1 1 t 1

tionalis est. quadratum autem apotomes ad rationalem
adplicatum latitudinem efficit apotomen [X, 97]. itaque
BI" apotome est; ergo utraque 4I, I'B apotome est;
quod erat demonstrandum. congruens autem est AT
rectae 4.4, et I'4 rectae I'B.

-10.
Ad libr. XIII prop. 18.
Aliter demonstratur, esse MB > NB.
Quoniam enim A4 =24B, erit AB=3B4.
sed 4B : BAd == AB%:BZ% quia ZAB ~ Z4B. itaque
AB%® = 3BZ% demonstrauimus autem, esse 4B?
=5K4% itaque HKA%=3ZB%. uerum 3ZB?
> 6 NB2 itaque etiam 5K .4%> 6 NB% quare etiam
KA4*> NB® itaque K4 > NB. veram KA = AM.
itaque 4M> NB. ergo multo magis MB > BN;
quod erat demonstrandum. — esse autem 3ZB2>6BN?,
ita demonstrabimus. quoniam enim BN > NZ, erit

ot dwdenaédgov. 11. Bd4] 4B BV. Bd] 4B V.

13. slyas] om. V. 14, BZ] ZB V. 18. domi'q.  20. dome
BVq. 23. BN] NBB, NBN V. peléwy dotiv] om. BV,
onso €3¢ deifor] om. gq. 24. tijg] (prius) zév Vq.

éott BV q.
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fopsv oltwg émel yap pelfov datlv 9 BN rijg NZ,
16 oo Vmo Ty ZBN usitov dove tod Umwd BZN.
10 doa Vvmd ZBN peva tod vmd BZN peitov omw
7 Ouwhdoiov tov vwo BZN. dike vd piv Umé ZBN
peve. Tov vmd BZN 0 amd vijg ZB o, 1o Ot Dmd
BZN © dno ©ig NB éovw. 10 &oa dmo tig ZB
rov and tijg BN petlév dovwv 9 dumhdeiov. v dga
10 émo tijg ZB dvo tdv amd BN yeir?;‘dv doTv. Gt
ol 'zgux T ano tiig ZB ¥ v ano B N- yeitove
dotiy* Omeo &0 Ocifar.

L éotiv] om. q. BN] NB q, BNB V. 2. 709 vmd]
oV vno tig V, Tov vno -mw q, Tob dnd tijg B. 3. zd] corr.
ex o m. 2 V, mut. in z¢ B. - zdv ZBN q. Post zov
del. « P. 4. BZN] corr. ex ZBN m. 2 B. 5. ZB] BZ
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ZB><BN>BZ><ZN. itaque ZB>< BN+ BZ
XZN>2BZ><ZN. verum ZB><XBN+{ BZ><ZN
= ZB%* [II, 2], et BZ><ZN = NB? itaque ZB?
> 2BN? ergo etiam 3ZB%> 6BN?Z quod erat de-
monstrandum.

B.  dem g, comp: V.  dmo vy V. 6. BZN] e corr. V.

76] 16, supra scr. lsoy m. 2 B, leov ¢ P. @ NB] BNB
V. {otiv] om. P. Dein add. &xgov yag (supra V) xei
uécov Léyov zérpnror 9 BZ ware 0 N, xal 76 O7mé 16w dnoov
{ooy éotl 16 dmd tijg péons V, et mg. m. 2 B. 7. &) corr.
ex ddv m. 1 q 8 tov] viigs P.  dmo tév V.  10. dorev]
om. q. omeg #0ss dsifas] om. V.
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XI.
ig’.

‘Eov tosig evdsion dvalopov @61, 10 mEQLEyOuEvoY
VRO THY TOLGY 6Tegedv [Bov Eorer TH Amd vig péeng
oTegedy [BomAsvom udv, loopavip 0 @ meoLLNUEVE:

dorwoay Toeis evdeion dvdioyov af A, B, I, g
% A mpog v B, ottwg 7 B medg viv I Aéyw, Ome
70 Um0 tov A, B, I' megieyduevov oregsdv icov éovi
t6 dmo vijc B erepsl [comhevom ve xal lGoywvie.
xelodw 5] A lon 7 AE, xal evveerdto meog tfj EA
evBely xal Te onuelp TH A TvYOVeY GTEQER yeviy
eVdvppduue lon ovepsa yovie sOBUygappos N wEQL-
eyouévy vmo vwv 24, 4H, HAd, 4E, Zd4, 40,
xel xsledo i) utv B ley 7 HA, ©f} 0t I len 5 @ 4,
xal ovumeningwede 10 AK oregedv, xal neledw v
B ion ) AM, xel cvveordte medg vij MA e0dely nal
TO mog avry onuelp ¢ A tf oreged yovie sHdv-
yocuue Tf megueyousyy vwo tav @4, AE, EA, 4H,
HA4, 46 ey evegea povie svdVpgaupos 1 mwegieyo-
wévy S vov MA, AN, NA, A5, BA, AM, Sore

Hic appendix scripturam cod. b inde a XI, 86 ad finem
libri XII continet nulla littera mutata. quamquam sine dubio
plurimi insunt meri errores scribendi, tamen dubitari nequit,
quin cod. b quasi recensionem quandam propriam praebeat.
cfr. Zeitschr. f. Math. u. Phys., hist.-litt. Abth. XXIX p. 1 —22.

Euclides, edd. Heiberg et Menge. IV, 25

36
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lony sivar iy ptv O 16y @, AE 1if vmd TGV
NA, AM, iy 0t vmd 1év @A, AH ©fj vnd vdv
NA, AE, v 0t Ono 1év Hd, AE ©f} Omd vdv 54,
AM, xol xelodeo v B lon éxarépe vdv EA, 40,
xol GuumenAnewedm v0 AIT erspedv. nol émel donw
og 1 A meog mw B, otrwg 7 B mog vy I, lon 0k
n udv 4 1] JE, 1 0t B éxaréog vov Ed, 40, 1
0t I' ©of} 4@, og éoa v AE meos M A, ovrag 3 04
7200 Ty AO. =xal megl loog yovieg teg OO THV
@4, 4E, 04, AM ol mievoal avuimendvdaciy: lGov
doo éotl v0 40, OP magalindéygauuov 1 OAME.
xol émsl loor yoview émimedol elewy of vmo tav @4,
AE, OAd, AM, éxl 0t tdv %0QUPGY aVTAY UETENQOL
yoapuel épecréow of HA, EA, loag povieg mei-
égover oy ptv v thv @4, 4H 15 Vo vav 04,
AE, wyw 0% dmo tév Hd, AE ©fj vnd vév 54,
AM, xal dopnonuéver eloly loou ebdetor of HA, 54,
of doe and tév H, & énl va O tov @4, AE,
0d, AM énimede nddevor aydusvar loon EGovras T
0t éml leav Pdoswv Svia ovegsx magaAindeminsde,
ov te Uy lea éovi, i6e dotly éxcive. iGov dou orl
10 AK 16 AIL xal éote ©o piv JK 16 Omd vy
A, B, I, 70 0% AIT ©6 anmd vfig B. ©o doa vmd Tav
A, B, T mequeyduevov oregedv ldov dori t¢ dmo vig
B oregedd lgomAevgom wpév, loopovio 0 @ mQosQn-
uéve* omeg &er Octfa.

g
5 -~ )
’Eav &6 06audnmototy sOdsior qvdioyov, *ul
~ ~r
to dn avrdy ouoe xel Suolwg xelusve orTEQE: WHQ-
ardqlemineda aviloyov Eerai. xel dav va dn avTGY
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opote el Gpoleg xedusve 6repse maguiinisninsda dvd-
Aoyov g, xel edrar dvdloyov EGovrar.

dorwoay Samdnmorovy sbdciar dvdioyov 4 AB,
I'd, EZ, HO®, &g 7 AB moos I'd, otrws 1 EZ
moog HO, xal dvayspodpdn de’ éxdorng tov AB,
I'd, EZ, H® fuoia xal dpolwg xelpeva 6Tegee mog-
oAdndewinede o AK, I'd, EM, HN. iy, om
dotlv ag t0 AK oregedv moog vo0 I'd arsgedv, otrag
10 EM oregedv mpos ©0 HN eoregecv. memoujodo
yeo &g 1 AB mpos tw I'd, otrwg % ve I'd mpdg
tqy 5 xal q B medg my O. ag doe 1 medry medg
Ty tevdgrny, tovtéotw 7 AB meds v O, olrwg
70 awd tig mewryg, rovréors 1o AK, mpog To dmd THg
dsvréons, Tovréars vo I'd" dg 0% § EZ mods vy HO,
ovrwg 7 te HO mpog vy IT xnel 0 IT mpog oy P.
dorw dga wg v EZ moog vy P, otrwg 16 EM medg
v HN. xel émel doviv dg 9§ AB medg v I'A, ov-
tog 7 EZ mgdg vy HO, ald’ &g uiv % AB meog
v I'd, ottwg 1 ve I'd medg i 5 xal 5 5 moog
my O, &g 0% y EZ mdg vy HO, otrwg 7 76 HEO
wog v II xal 1 IT meog vy P, 00 igov &pe oty
og 1 AB mdg v O, ovrwg v EZ mpdg v P. aid’
g utv 7 AB moog Ty O, ovrwg 160 AK eregsov
wgog 10 I'd evegedv, mg 0t 5 EZ modg tiy P, olreg
10 EM oregeov wgog vo HN orvspedy. g doo 70
AK erepeov mos 10 I''A orepedy, otrwg 1o EM eve-
0s6v mpdg ©6 HN oregedv.

fotw 07 malw og 10 AK erepedv moog 16 I'd
6repedv, ottwg 10 EM eregedv moog ©6 HN oregedv.
Adyw, G dotlv &g m AB mog iy I'd, obrwg 7

EZ mgog iy HO. memoujedo pee dg 3 AB meog
25 %
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iy I'd, otrwg ) EZ medg vy T, xel dvayepocpdn
and tijg ZT tp HN Opotov xel duolwg xefuevov ore-
0edv mugakinieminsdor vd ST, émel dovwv dg y AB
nedg iy I'd, olrwg 1 EZ medg v ET, xal g
doa 10 AK otegeov medg 1o I'Ad orspedv, otrmg 70
EM otegeov modg 10 E P orepeov. ©d6 EM dga 7gog
énezegov Ty HN, ZT wov avrov &gse Adpov. ldov
doa éovi ©o HN ©69 ZT, xal Oudloyds domv 7 HO
i) ZT. lon dgo éotlv 1 HO tfj ZT. xel énsl éony
og 7 AB mgog v I'd, otrws § EZ modg v 2T,
fon 0t v ZT ©fj HO, og dee 9 AB mpdg iy I'4,
ottwg 7 EZ medg v HO* Gmep &der dsitou.
Aq'.

’Eev xVfov tév amsvevtiov émmédov of misvgel
diye Tundder, die 0 Tdv Toudy Imimsda éxfindi,
N tdv émmédov xown toun dlye veuel THY Tob xUxAov
dudpcroov, xal avry Olye Tundjestor Vmo tijg TOV
xoxdov Srapdrgov.

#fov pag 100 AB 1oV dmevavriov émmédwav ToY
r'da, AE, BZ, HO of mlevgal diye veturiodadey
of I'd, 44, AE, ET, BZ, ZH, HO, @B xuxi: 7o
K, 4, M, N, 5, O, II, P, diax 0t tv toudv éwi-
neda éuPefiiodo o KM, IIE, NA, OP, xal oro
16y émnédov xowr toun B ZT, dwusrgog 0% vob
wPov é6tw 7 BA. Aéyw, 8t ) BT dlye téuver viy
rov xfov dudueroov, xal abry Olye TunSicevor VWO
rov?) tot xUfov dieudromv?).

dnetevydwoay oo of T'X, X4, BT, TH. éne

1) corr. in zijs — Sixpéroov m. 1.
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{on éotlv 4 T'E ] 44, xal o vijg ptv I'E fulser
n I'N, zig 0t A4 nuloae q AA, log dge éorly 7
I'N v 44" fovs 0} xed 5§ EN ©j 4 loy. o 3y
af TN, N2 dvol vaig A4, AX leon sloi* xel yovie
5 tmo PNX yovig vf ono ZA A ion Pdag doa 7
'Y Bdee ) A lon, xel v0 I'NX rolyavov o
AAZ rouydve idov orar, xel of Aowmel yevim vaig
Aowwaiy yovleg ieow d6ovrar, U@  dg of leaw mwhsvoal

dmorsivovew., oy &oo dorly 4 Ymo rév I'Y, N

yovie tf o teov AX, TA. xows mgoeusicdo 17

V7o tov NX, T A" af doo vmo vy I'E, EN, NX,
ZA vaig tno tov AX, TA, AX, EN ices &lodv.
ald’ el vmo tov AX, Td, A%, ZN dvelv dpdaig
loae slol* meog O1f T evdely tf NX xel 1) moog
avrf] onuelp v X dvo svdsior of EI, XA uy énl
T0 avvi plon xelusvar vag Epskig yoving dvoly deduis
leag moroves rag Umo rov FTEN, NI A én’ eodeleg
doo dotiv ) I'E vfj £A. e va adre 09 xel § BT
v TH én’ so9elag éoti. nal émel loy doriv éxavépa
tov I'B, AH vjj E®, dlla xal mapadiyios, af 0
magx Y vty sOdeiov py v 16 alrg imnide
ov6as mwagdiindor sloiv, af IT'B, AH &oo loon v xol
wogedinlol slov. xal émelevyuéver elolv of I'd, BH,
xel dove vijg ptv I'd qulesa v A, vijg 08 BH nui-
6aee ) BT. of ZA, BT dou l6aw te nol mopddiniol
elor xel émelsvyudven sloly of ET, AB. lon dga
dotlv § pdv P vjj TT, 5 0 AT vy T'B' omeg £
deiou.
A9,

‘Eov 1) 0Yo molopare lcovyi), xol ©o ulv Eye fow

tolywvoy, 10 0 magerinidpeauuov, dumideiov 8% 1§

39
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70 mogaddnAdyeapuov Tod vowywvov, loe Eoten T
molopare.

"Eeve 0v6 wolopare (Govyi, 1& ABIAEZ, HOK AMN,
nal TO udv éxfre tolyovov faew to K AN, to 0% nap-
arinidyoappov ©0 BI'AE, xai &tw ©0 BIAE vov
NKA roupovov Sumddciov. Aéyw, Om loe dotl v
nolopote. weminewedw yoo ta magidinde Emimede
e Ad, HA Znxsl ovv 10 Bd mapainAdygopuov
rot NK A rouypdvov éorl duwidoiov, E6ti 6% 100 NKA
roydvov OumAaciov 10 N.A magadinidygepuov, idoy
pe éotl 10 BA vp NA. Znl lsov ovv Pdesov tay
B4, NA ieovyij dove oveoex magarlndeminsde e
Ad, HA. lea éetlv didjloig. @&Ade vov piv A4
nuev ot ©0 ABIAEZ molope, vot 08 HA fjuiov
10 HOK AM molope. xel v0o ABTAEZ &ga mglouo
v HOKAMN mplapar. ioov éoviv: Omeg Eder deton

EYxieldov ovoryslov Gregedy id.

X1I Edxieidov 6rotyeimv Lf.
1 Te év voig xvxdoig Guote ToAvywva medg &rinie

oty dg Te AWO TOY Oouérom TeTedymYL.
forwcay xvndo. of ABI'd, HOK A, xal év toig
ABI'4, HOKA dyore mwoivyove éore te ABI'AE,
HOK AM, Owtpstgor 0% vov xvxiov Eerwcay of BZ,
ON. Aiéyo, 0t éotlv @g 0 dmd tijg BZ vergdymvoy
790g 70 amd rijg ON zevpdyavov, obrwg 10 ABI'AE
woAvywvov meog 0 HOK AM moivyovov. imstevydo-
ooav pog of BE, AZ, OM, HN. xal énsl dovww og
9 BA meog AE, otrmg §) @H mods tyy HM, =l
wegl l6ag yoviag tog vnd viv BAE, ® HM of wisvool
dvdlopdy elaw, duowov Hee otl to ABE volyavov
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16 HOM rouysve: oy &ga éotlv 1 vmo vov AEB
yovie tfj vno vov HOM. ail’ 5 ptv Oméo AEB 1j
vnd0 AZB éonwv lon, 7 0t vmo HMO vjj tmo HN®
dorw len. &ove 0% 0919’7] Vw0 tiv BAZ 3997 ml:o
@HN ioy. Aomn dpa 1) vno AZB /lown] 7] b0
HON dorw ion. leoyoviov dgu éotl 16 ABZ tolywm-
vov 16 HON toupcive. dvdioyov dpe oty dg 1]
BZ mods 'm‘)'u BA, otrwg f] ON 75969 OH. évall&’g‘,
o:ga dotlv g ) BZ :rgog rm/ @N, ovtwg y BA ngog
v OH. xol émel ©o dno vijg BZ vevgaywvov moog
70 dmwd g ON rterodymvov duwdaciova Adyov e
nmep 1§ ZB meog vy ON, &ye 0t xal v60 ABTAE
wodvywvor medg 16 HOKAM moivyevov dimdaclove
Aépov timsg 1 AB meds iy HO, xal éoviv g ) BZ
wpds vy @N, ovtws 1) AB mpog vy HO, xel dg
&go ©0 amd tijg BZ vevpdyavov meds To dmd tig ON
reTodywvor, ovtwg 10 ABIAE moivyevov medg 70
HOK AM moivywvov: Omep &der dsibou.

Ol wbxhov medg didfiovs eloly &g T8 dmd réV
OLopéronn TeTayave.

dorweay xvxdor of ABI'4d, EZH®, diudtuscvgor 0
avtdv of B4, ZO. iéyw, ot éotlv o TO Amd tijg
B4 zergdyovov modg 10 dnd ZO tergdywvov, ovreg
0 ABI'A xbnhos moog vov EZHO uvxiov. & pag
u1 oty dg ©o and vijg BA rerodymvov medg TO dmo
tiis Z@® terpdyavov, obrtwg 6 ABIA xvxhog meds
tov EZH® xUxdov, fro. meds Aadady 1v tov EZHO
woxdov yoplov 1 medg ©0 ueitov. éoTe medTegov mEog
#laggoy 0 D, xel vg EZHO xbxde loe ¥ote vo
DX, xal Syysyougde &g vov EZHO xixiov verod-
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yovov 10 EZH®, 10 EZH® gu tevgdyavoy pefov
dotww 1 T fjwey rov EZHO xvxdov. terpijedadcy
of EZ, ZH, H®, OF nsoipéperar Ol xote 1e K,
A, M, N enusie, xal émsletydwoev af EK, KZ,
Zd4, AH, HM, M®, ®N, NE. Euwovov &ga 16y
EK, KZ,Z4, AH, HM, M®, ® N, NE volyovoy
peifdy ot 7 10 fuiov Tov xed Eqvrd Tutparog Tob
xVxdov. Exaerov oo vov EKZ, ZAH, HM®, GNE
TV TeLyavey uelfdy deTw firor fuiey Tob xed adrd
TUperog 100 xvxAov. Tolavtyg 0 puwoudvig Tig Suu-
0e6s0g AngpdjosTar Toavte Tufjuata amd Tov Blov
xvxdov, & Sovow éhdosove Tov X yweiov. Ashiphe
wei foto v EK, KZ, ZA4, AH, HM, M@, ON,
NE. 0vo ovv pepeddv dvicov uxeiudvov tob e
EZ® xvxiov xal 100 X ywelov dohontar amd tov
pecbovog peifov 7 ©o fuev udgog xal tov waredsiwo-
uévov ueifov 1) ©o fusev udpog, xai Tovro del peyé-
vyTow, %ol xovedédsimrar ywelov, 6 EAaceov EoTar Tov
X. Aomov dpox ©0 EKZAHMON moldymvov psitoy
dotL 100 D ywglov. Lyyeypdpdm O sly 1ov ABI'4
wxhov 19 EKZAHMON molvysve Guorov modv-
yovoy 10 AEBOTIIAP. énel Zoniv dg t0 dmd vis
Bd zergdyavov o amd vig ZO, oitwg 6 ABI4
avxdog meog 1O D ywelov, dAAd unv xel dg 70 4mo
vijg B4 vevgdywvov mdg to amd tiig ZO, otrwg 70
AFBOTI'Il AP molvywvov mgdg 10 EKZAHMGON,
og Gox 6 ABI'A xixlog medg ©0 @ ywelov, ovrag
20 AEBOI'II AP molbyavov ngog 16 EKZAHMON
modyevov. Eveddat Hoa derlv, dg & ABIA wpos
7o &v adrd molvpwvov, ofrwg 1O X ywelov medg 70
EKZAHMON noldywvov. pelfov 0t 6 A BI'Axixiog
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100 v avrg molvywvov® ueifov doa xel o D ywolov
100 EKZAHMON moivycdvov. dalde unv xal élac-
60v 10 D Omep advvarov. ovx Fga 6Tl dg TO AmO
tijs B4 tetpdymvov mpdg To and tijc ZO reTodymvov,
ovtag 6 ABI'A xixiog moog EAaccdv vt tov EZH@
xVxdov gwolov.

Aéyw 1], Gte 000 meog meifov. & pag dvvardy,
dovw meog 0 D. dvdmadiv dou fotlv dg 1O dmO THg
ZO zerpdywvoy meog 0 amd tig AB zerodyavov,
oUtag 70 @ ywolov meog tov ABI'A wvxlov. dg 0
70 @ ywoilov medg vov A BI'A wixhov, ovrwg 6 EZH®
wVxdog mpog EAw66dy vt 100 ABILA xvxdov ywelov-
og oo 10 4w Tig ZO teTedymvov medg TO AmO THG
AB revpdyovov, otteg 6 EZH® xvxlos meog EAac-
66v w 100 ABIA xvxdov yoglov: Smep advwatov
0édaixron. ovx doa forlv wg 1O dmo T3 B terga-
yovov medg 10 amd tig ZO reTgdymvov, oUTmg O
ABI'4d wvxhog moog peifov v tov EZHO xvxiov
qwolov, £0sly®n 0F, Ome 0V0t moog Fhaceov. Eeviv
doe og 70 amd tig BA revedymvov medg TO Amo Tig
Z0O tstpdyavov, ottwg 0 ABI'A xVxlog moog tov
EZHGO xixiov.

Iaee mvpapls rolywvov &govow ﬂéo’w &mga‘,‘wz
el ve 0Vo mvpauldag iag ddljiearg xel Opoleg 7
oAy wal &lg OYo moleuere i, xal ta 0vVo molouave
tijg 8Ang mvgauldog pelfovd éoTiv 7 1o Tjuiov,

dorw mvpauls, Ng Pdeis utv d6ve v0 ABI tolye-

vov, xoguey 0% to A enyusiov. Adyw, Ot § ABI'4
" mvoapls Ougsitar &l ve dvo mugauideg iGag GAddj-
Aowg xal Opoleg.tfj OAy "zl &lg Ovo mglopare IGe.

3
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rerwodwcey of mleveal tijs mvpauidog Olye xese
t¢« E, Z, H, &, K, A onusie, xoal énelsvydacay of
EZ, ZH, EH, HA, 20, OK, KA, 40, xa ixd
lon dotiv 0 pudv AZ vjj Zd4, 7 6t BO 1y @4, ney-
didniog doe éotlv 7 AB v ZO. mdhw émel lon
éotlv 1 uwitv AE v EB, 7 0% AZ v ZA4, wupdi-
Mjhog Goo éotlv 9 BA ©vyj EZ. mapaiinyidpeaypoy
dgo Zotl ©0 EBZ®. oy oo éetlv 4 uiv EB 1j
Z0, 1 6t EZ vjj BO. dAl)’ 7 ptv BE vy EA éorw
lon, 1 0t BO® 15} @A xel 3 pdv AE é&oa vjj 20
dovwv lon, ) 0t EZ v} @d. &6vu 6% xol ) AL 1)
ZA4 ioy. ioov dga wal ouotéy dote 10 AEZ volyn-
vov 1 ZOd rouydve. due ta adve 01 xel vo AZO
roiyevov t6 ZAK touyove ooy te xol Suowdy éotiv.
10 08 AEH tolyovov v§) ZOK touyasve igov 1 xel
Suotdy fovw. xal mel 8Vo =08siw amropevar dAli-
Aov of EZ, ZH mage 0vo ebdslag dmroudveg alli-
Aov vag @4, AK xeivvor wy v ve adrg Emméde
ov6ou, loug yaving megiébovew. lon doe éetiv 4 vmo
EZH yovie vfj vnd O@AK yovig. énel odv 0vo of
EZ, ZH 0vol vatg @4, AK oo slolv Enoréon éno-
téoe, xal yovie 7 Vw0 EZH yovig tjj vmo 04K
oy doriv, Pdeig doe 7 EH Pdee T} OK dovwv lon.
loov Goo xel Suoiov éotu ©0 EZH tolyavov ve OAK
rowyeve. xnel mvoauls dou, ng uév éovi 1o AEH rol-
yovov, xogupn 0% v Z gnusiov, i6y te xal dpole ol
vij mvpauld tf oG udv éyoven 1o 4BI tolyevoy,
nogupry 0 10 A onuslov. xal 1 mugepls e, 16
pdeig uév €6t ©6 AEH tolyovov, xogupy 0t 70 Z
onuelov, opole fotl tii mueaulde tij Bdaw uv éyovey
©0 ABT volymvov, xogupyy 0% vd -4 onusiov. Ouj- .
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onror oo § ABI'A mvgapls sig dvo mvgauldog icug
dAdnjhdoig nel Opoleg T 6ly.

Aéyw 01, Ote wel &lg Ovo molouare i6e. Emel pog
lon éotlv v BA vjj AT, duwidewov é6ve v0 EHAB
rwagalinidyoopuov 100 HAT vouydvov. xel émel 0¢-
daxvar, 6ti, éov Ovo meleuate VO TO €UTO VYog,
xol ©o utv éyeu Pociy megalinddyoauuov, vo 9t vol-
yovov, 1 8% dimddeiov ©0 megalinidyeauuov Tov Tor-
yovov, oo ¥6ron Te molouare, T0 dgo molouw TO mEQL-
eyduevov tmd Yo uiv toudvev tév OBA, EZH,
Ty 0% magalinloyodupey toU EBZO® xel vov
EBAH xol & tov ZOAH idov éorl ©h molouett
6 meguegoudve vmd Ovo utv rouydvev tov HI'A,
ZOK, todv 0 mepalinloyeduuwv tédv KZHT,
AT®OK, ZHABO. Odujonron &go 7 ABI'A mvgapls
elg e 0vo mugauldeg loag cAljleng xal ouoleg i
0dn %ol &lg 0vo molouave iGa, xol Qavegdv, Ot Td
0vo moleueta l6e Zotiv 9 70 Tjuev vijg GAng mvew-
uidog :—

‘Eqv é61 0vo mvgeuldss 0m0 1o adrd Uipog ovew
xel Touyavovs Syovear Pocslg, Oaieed] 0F éxardon
adrév &g T 0Vo mvgauldeg loeg dAdjlaig xel duoleg
o} 8An xel elg 0Vo molopara lon, Eover dg % Tig Wi
nvgauldog Pedis mpdg T g Srépas mvgauidog fadiy,
ottwg T v T wd mveauid melepare wdvre meog
T dv v érépe mvoauid. melouere mivre [GomAndi].

darmcay 0vo mveeuldeg VWO TO avTd DPog ovomu
aol touydvovg Egovear Pdesg tag ABI, MNJE, xo-
ovpag 0 Ta A4, O onuelu, xal Ouporiedw Exardpn
avréy &l ve 0vo mvgauidag leag aldriag nel duoleg
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vf] Ay xel &lg 0vo molopate loa. Aéym, Ove Loriy dg
5 ABI Bdeig meds vy MN 5 fdewv, ovtag to &y 1]
A BI'd mvoauld: mglopare movre meog ta v tfj AEZO
mvpeulor wolduara movia [GomAndi].

érel poo megadiniog ot 1) AB vf AH, Sgowy
dori 760 ABT voiywovov v9 AHT vouyeve. 6 ABT
&g Tglyovov meds v6 AHT velywvov dimdaciove Ad-
yov Ege fimeo 1 NJE modg vy ED. xal éonv og 4
BT meos tyv I'd, ovrwg 4 NE meos v 5. el
og éoe 10 ABT tolyovov mdg ©6 AHT votyavor,
ottwg 0 MNJE tolywvov mgds 16 ZDE tolyovor.
dvaddal Goo oty dg 10 ABI zolyevov mpog 10
MNJE, otrwg 10 HAI tolyovoy medg t6o ZDE tol-
yovov, oltwg 10 meloue, o dxevavriov ot 1t AHT,
Z@K inimede, medg ©0 moloue, ob amevevviov dorl
w XE®F, PTN émineda. dg &ge 7 ABI foeig
moog thy MNJE pdew, otreag o melope, o¥ dwsvav-
rlov éotl va AHI, ZOK énimede, mgdg to moicue,
ot amevavriov dotl t@ T OF, PPT émimsde. dAde
e wiv v vfj ABI'd mvgaulds moisuara dumhdoul
dote Tov molouarog, ob amsvavtiov éevd va AHI,
ZOK énilmeda. o & v vij] MNEO mvgouide mgic-
pate Oiwddoid éote ToU molouarog, ob dmevavtiov fotl
0 Z®F, PTY énimede. g &go ) ABI Pdeig meos
iy MNE facw, ovtwg ta év vfj ABI'A mvoapid:
molopate meog T &v vff MNEO mvoaulds molouate.
due 1o avra 01 nel &g ) A EH Bdcig moos tiy MIIZ
Bdawv, oltws ta év tvff AEHZ mvgauid: molouare
mpos T& &v tij MITZP mvgeuide molouere. og 0F 1
ZOK Bdowg medg iy TPT Pdow, otrwg to & 7
ZOK A mvoeuld. melsueve mgd3 e év v PTTO
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mvoeuldl meleuara. Eotar doo og &v TdV yyovuivev
weog v towv Emousvev, dmevre Ta Nyovusve mElg
dmovre ta émdueve. Eorw doo ag N ABI Pdaig
modg Ty MNJE Bdaewv, otrwg e év vfj ABI'A mvga-
ulde molopare meog ©@ év v MNJEO mvgauids moie-
pare moavte [(Gomindy.

Al omd 0 edrd Dyog ovowr mveauldes xal Toi-
yovovg égovear Prceg wedg aAlilag elelv ag al foes.

dorwoay UmO TO avTd Uog mvoauldss TELY@VOUS
#ovear Paoeg vag ABT, MNE of ABI'4, MNZO,
xogupag 0% ta A, O oquein. Aéyw, On fotlv og 7
ABT Bo6ig meog gy MNJ Bi6w, otrwg 7 ABI'A
mvgauls meos vy MNEO mvgaulde.

& yag wij ot og § ABI fdoig meds Ty MNE
paey, otrwg 1§ ABI'A mvoauls meds v MNEO
nvgaulde, éovor dou dg 1) ABI Bdeig mods vy MNE
By, otremg v ABI'A mvgauls fror medg Elertdv Tu
tiis MNEO mvoauidog oregedv 1 moog petbov. ot
noog Elaztov 16 L, el 7] MNEO mvgauid. ioe éorm
¢ R, X yogle, xal digenede 7 MNEO mvoauls &ig
te 0vVo mugauldeg iGeg dArjdeig xel omolag T 61y
xel glg 0vo molopare. uslfove oo vl Ta moloworo
vijg OAng mveauidog 7 T fwev. réuvovreg 1) Tag
vmodaiwoudvag mvgauldas &g te dvo mvgeuldug icag
dAdjhong xel Owolag ©fj OAn xal &l 0vo moelouate
lea lpoudy tweg mveeuldag dmé vig GAng mvoe-

uldog, of EGovrar EAaedoveg Tov X orsgeot. AsAfpdw-
oav %ol dorweav of MIIZP, TTO. Znel odv 3 mv-
pouls loy éotl toig eregsoly &lg ve xavedeinuuéve
dmorpruere EAdecovd elor Tov X. Aowme doa vo &y
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] MNEO mveauid. molouara psifovd éote tov &
6repeov.  Ounonode N ABI'A mvgopls opolmg T
MNEO mvoauidi. xal émel éotwv g ) ABI fao;
moog v MNJE Bacw, otrws e v tf mvgapide 1
ABI'4 molopare mivre meog v év v MNEO mvge-
wldr molouare mevve [Gomindi, o dee § ABI4
nvgauls meog T0 R orEgedy, otrag té v vjj ABIU
nvgauld molouare mdivie wodg Ta v T MN O nvga
ulde molopate mivve (Gomin®i. évedlaf dou ity
&g n ABI'A mvgapls meos v dv adri] moldpore
mavre, ovrog T L 6regsov wedg o év v MNEO
mvoould. molouate mdvve (GomAndi. welfov OF 7
ABI'4 mvgepls tédv év avrf] moieudtov mdvioy.
ueifov oo xel o R 6regedv tév év i MNEO mv-
oauids moiopdrov miviev. ¢lle xal Eéervov' Omep
advvarov. ovx dga fotlv &g § ABI Bdoig medg Ty
MN Baow, ovvwg § ABI'A mvgauls medg Eertéy
7t g MNEO mvoauidog evegedv.

Adyw 01, Grv 0Vt medg weilov. &l yeg duvardy,
dorwm meds TO R. avdmalw dee fetlv dg 5§ MNE
Bdeig meos Ty ABI Pdew, oUrmg 10 R 6reeov moos
v ABI'4 mvgauida. ag 0% 16 L evegedv mpdg Ty
ABI'4 mvgauide, otros § MNEO mvoapls moog élar-
v w vijs ABI'4d mveouldog orcpedy. g dga 1)
MNE Bdows meog tiy ABI Bdew, ofizwg % MNEO
nvgouls mog Elertdyv T vijg ABI'A mvgeuidog 6re-
oeov* Smsg dOVvarov Ofdenrar. ovx How doriv s 1
ABT Bdows meog v MNJ5 fdew, obrtwg % ABI4
mvgeuls mgos ueifdy v tiig MNEO mvgeuldos oe-
osov. 80ciydn 0F, Ove 000} medg EAerrov. éeTwv dgo
og u ABI Baoig meds v MNJE Pdew, otrws 1
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ABI'd mvgouls meog iy MNEO mvgaulde: Gmeo
e dcikar.

ey molope volymvov Egov fdew dvougeitar elg Tosls 6
avpauldag loag aiifjlaig Toiyovovg Phceg éyoveag.

dotw moloua ©v60 ABIAEZ zolyovov &pov Pfdow
iy I'Z A4, iédyw, 6ve v0 ABIAEZ melepe diavgsiton
&lg voels mvpauldug ioag dAlajlars Tuywvovg Pdoclg
éyoveag. Enelevydwoay pag of B4, BZ, ZE. 7
doe mvgauls, ng Pdois uév dere v6 I'BA tolymvov,
xogupy 0% vo Z onusiov, lon éovi vf} mvooulde ©i
poew ptv éoven ©0 BAE rolyevov, xogupny 0 70
Z enuciov, lay fotl ©f mvgaulds v facw udv épovey
10 AEZ tolymvov, xogupny 0% to Z cqueiov. xel 7
mvgauls &ow, N Pdcig pév éome 0 BI'A rolyavov,
xoguey 0% 10 Z enuciov, ion éoti i mveauid t1) feiy
utv égoven vo AEZ tolyovov, xogupny 8 to B on-
ueiov. Oujonrer doo ©o ABITAEZ molope &g tosis
nvoauidag l6ag diifdag, dv Peceg pév sloww ABIA,
EAEZ, xopvpy 0% ta B, Z onusie.

Tov icov mvgauldov xal roiydvovs fdesig Epov- 7
6oy dvtmenov@acwy of Bdesg voig Tpeol. xol v
nvgauldny TeLy®vovs Bdesg ovedy dvtimendvdasiy
of fdesg Toig Uyeowy, loaw slelv usiven.

dorooay loow mugapldss xal Touywvovs Epovent
piosg reg ABIy, EZH of ABI'd, EZH®, xogvpag
o0t ve 4, @ onueie. Aéyw, o1t tév ABI'4, EZHO
nvgauldoy Teuyevey fadw épovedy dvtimendvdaciy
of Baasig Toig Va6l evumeningwodw yag v BAMA,
Z@ PO cvegect. xal émel lon éotly §) ABI'A mvgapls
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i EZH® mvgauid, xei éove vig utv ABI'A mvga-
utdog ékemidciov ©0 BAMA eregeov, tig 08 EZHO
é¢amidaiov 16 ZOPO 6rsgeov, leov doa éotl 1o BAMA
orepeov T ZOPO ovsge. Ty 0F lowv 6rspedy
negedlnlemnédor avrimendvdecw ol Pdeeg ol
tpeory Eetv doa @g B BM Pdaeig moog tqv ZP
Biow, olrwg ©0 o OPOZ 6tepeot Upog. g 0t 1
BM fdoig meog v ZP Bdew, olrwg § ABI fdoy
ngog gy EZH fdew. &g dga § ABI" Pdoig meos
v EZH Bdow, otrwg t0 ot OPOZ ersgeov tiog
moog 16 100 AMAB 6rseeot Upog. te O edrd Ty
dotl vév ve BAMA, ZOPO 6regeadv xal tov ABI'4,
EZHO® mvoapldov. Sovw &g og 1§ ABI meog iy
EZH Bacw, ovtwg 0 axo v EZHO mvgepidog
tog tov ABI'A, EZH® mgog to tijg ABI'A mvge-
utdog Tpog. wdv ABI'A, EZHO épa mvoapidov
avumenovdeow of fadeig tolg vyeoww. L
avunsmovdéracay Oy mdiw rév ABI'd, EZHO
nvgauldov of Becag tols Dyeel, xal é6tm b3 § ABI
Bieig meog v EZH facw, otrws o tijg EZHO
nvgouidos Tpog medg 16 vijs A BI'A mveauidos tiog.
Adyw, Ot dotiv loy % ABI'A mvgauls vj EZHO
nugauid  TAY pre wvThY xeTaGREVAGDiVToY Rt
éovwv dg ) ABI aoig meos tyy EZH Pdewv, ovrmg
©0 vijg EZH® Uyog moog 16 tijs ABI'A mvgauidos
Typog, g 0% § ABI Pdeig medg vy EZH Paow,
otrwg 4 BM fdog meds wiv ZP Pdew, otrwg 70
riis EZH® mvgeuldog vpog medg 10 zijc ABI'A nv-
oauidog Tyog. vo 8 adra Tyny ot vév ve ABI4,
EZH® nvgauidov xui tdv BAM A, ZOPO ocregeav.
Zorwv doa wg ) BM foaig meodg v Z P Pdewy, ovrws
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70 vo0 ZOPO orspsot Uog. @v 0 Gregedv megod-
Mhemnddov cvumendvdacw ef Pdcsig voig UYeoiy,
loa dotlv éxsive. igov dga feti 10 BAMA Gregedy
¢ ZOPO oreged. wel éote tod udv BAMA eregeod
&vov pégog 1 EZHO, ABI'A mugeuls, tov 0t ZOPO
orsgeot Extov uégos 7 EZHO mvgauis. lon deo
éotly ) ABT'Ad mvgauls v EZHO® mvgeuldi. e
é0er Ositau.

AL Spovor wvgauldeg xal toty@dvovs égovont Poceig
weog didjias év toumiaciovt Adye elol vy opoldywy
wAevQdV.

doTwoay Ouoiar mugouldsg xel ToLywvovg Eyovont
Bdeeg vag ABI, EZH af ABT'4, EZH®, xogupag
0t e A, @ onypeie, xal forw lon 3 piv VxO THV
AB, BI' yovie tfj vmo tédv EZ, ZH yovie, 7 0%
vwd tév AB, BA tfj vno tov EZ, ZO. xal énsl
% Vmo. vdv AB, BI' ©fj vmd vév OZ, ZH, oudloyog
0% &6tw 1) BT vfj ZH. Aéyw, 61t ) ABI'Ad mvgopls
meog v EZH® nvgaulde tgimieciove Adyov e
yimeg 1 BI mgog vy ZH.

ovumeningdedwcay yagre BAMA, Z@ PO oregsd.
énel éotwv og 3 BI' moog wjv B A, otrwg 1 ZH medg
v ZE, el wegl loag yovieg vég vwo tév AB, BT,
EZ, ZH of wisvgal avdioydv slew, Guotov dgo ol
©0 BM magaiinidygoupov 16 Z P mageiinloyed e,
it ta avre 0f xel ©o ulv A4 v E® Suowdv fomi,
©0 028 NB vg ZIl. dide v utv BN, Ad, BM t&
Tl toig amsvavtiov avrdy volg A4, MN, A4 l6a
dovi, t& 0% ZP, E®, IIZ vx vole vols dmevavtiov
avréy toig ®0, EO, PII ica doviv. OGlov Goe To

Euclides, edd. Heiberg et Menge. IV. 26
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BAMA 6regeov 8o vid ZOPO oreged Spowov om.
Ta 0% Suoix oTspea magudinlewimede moog wAAnie &
rouwdagiove Adye éoti Tdy Ouoldymyv mlevedv. o
BAMA dga 6regeov meog 10 ZO PO eregedv toimhe-
olove Aoyov &ye fjmee 1) BI" moog wy ZH. uui domt
vob udv BAMA otsgeot Exvov udgos % 4 BT mvgapls
100 ZOPO 6rsgeot Exvov uégog § EZHO mvgepls
xel . ABIL'A doe mvgapls medg v EZHO mvgo-
ulde toumhaciove Adyov &ye fimeg 1) BI moog vy ZH.

ITGg x@dvog xviivdgov volrov udgog é67l Tov Tiv
avryy Pacww Egovrog xal UYog leov.

dére pae xdvog xvilvdep Pdow Ty adriy TV
ABI'4 xvxiov xal vpog ldov. Adyw, St voimAdcLds
dotiv 6 wVAwdgog Tov x@wVOU.

&l yag wij dotwv 6 xVAwdgog ToU xWYOL TLWALGLOS,
doTow oo Tror wslfov 17 toumldeiog 1) Adedwy 1 ToL-
mhaoiog. €0Tw modregov 6 xvAwdgog Tov xwvov wei-
fov 1) toumAddiog v PX ovege. xal. dypspoigho
elg 1ov ABI'A axlov vergdyovov 16 ABI'A, xel
dveordro and Tov ABI'A vetgayavov melou loovls
6 %vAlv0ge. 0 dge avesraudvov molope peitdv éany
# To fjuev Tob xvidivdgov. tetprjedweny of AB, BI,
T4, 44 nmegupéoaor dige xare v E, Z, H, O oy-
pete, %ol §n£§£618wo‘av of E4, EB, BZ, ZI', I'H,
JHd, 40, 04, xel aveordre dp’ indotov tdv JEB,
BZI' I'H4, 404 tgbywvw'u wolouara LGovils 0
wilvdop. EwaeTov dvasteudvev mgueudrov pelfov
dotiv 1) ©O Tjueov Tov xed’ alrd Tuduarog xel xvAi-
dgov. totaevTyg 0 pwoudvyg del émoxdpeng P
6sTal Two TpigeTe End Tot Gov avilvdgov, & lavel
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dharrove tov P arsgeod. Ashijpde xal Eote vo éml
tév AEB, BZI,’HA, A®A. lowwdv &ge 16 molopc,
0 Bdawg uév éeri 1o AEBZTHA® molbywvov, tog
0% 20 avrd T wvAlvdew, ueildy doriv 7 roumAdoiov
700 x@vov tod faow piv Ejovrog vdv ABI'A xvxiov,
Tpog 0% 0 adro T xvilvdep. dAde 1o meloue, o
Peaig usv dere 10 AEBZI'HAG molvyevov, Uipog
0t ©0 avrd TP xVAlVlow, ToimAdoidy ot tijg mvou-
uidog vijg Paciy ptv €povens 10 AEBZI'HA® molv-
yovov, Gpog 0% ©0 avtd td xviivdow. xel 7 mveauls
doe, g Pieis uév éovi v0 AEBZI'H A® moddywvov,
vPog O0F TO alrd e xwdivdop, peifov dovt Tov xwvov
zov Pdeww udv Eovrog tov ABI'A xdrhov, Upog 0%
70 avrd e xAlvigm. aAla xel dumegiiyeral dv atrd”
Omep dovvarov. ovx dga 6 xUAwdgog o xwvov usifov
dorly 1 voumddaiog.

Adyo 01, Sve 00t dAdeewv 1 Touwlddeiog.

& yog dvvardy, é6tw. avdmaAiy dge 6 xBVOg TOD
xvdivdoov pelfov éotlv 7 toirov wépog t6 P orsged,
xal Eyyeyodpdw &g 1ov ABIA xvxlov rergdymvov
20 ABI'A, el ave6rite dmwo to¥ ABI'A revoayavov
mvauls laovyrs 16 xwve. 1) Gou avesraufvy mvgauls
pelloy dotlv 1 10 fjwev ToU xmvov. TETUIGDwERY
of AB, BI', I'd, 44 nsgipépeiar 0lye xare v6o EZHO
onueie, xal énclevydwoay of AE, EB, BZ, ZI, I'H,
Hd4d, 40, @4, nal avserdro ¢p’ éxdorov tdv AEB,
BZI, THA4, 404 zouydvev mvgapls (Govyng T
x@ve. Exderny oo ThY dveeTeudvov mveauldov wel-
fov dotlv 1 1o Tuev tev xed avTd TWfuHTOog TOD
x@Vov. TOLUTNG 01 pLvoudvs asl émioxdpeng Anpdij-

octal Twe Twiuoare éwd vod GAov xavov, & Eave
26*
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#atrov avrod Oregeod. Ashjpdw xal aveordtw fnl
t6v AEB, BZI, THA, 40 4. Aoumy dpw 1 mvoeplis,
7ng fdeig wév éove 16 A EBZT'HA®@ moldyovov, Tios
0t 10 adrd v6 xdve, peilov oty 7 velvov pégog tov
xvAivdgov 10U Bdery utv Eyovrog vov ABI'A wixiov,
Tpog 0% 7O alTd TG ndve. dAA 9 mugauls, g Pao
uév d6tww § AEBZI'HA® moivywvov, Tpog 0}
avTo TP x0YE, 10U faew pdv éyovvog 16 AEBZIHAB
molbpovoy, UPog 0k T0 avTd TG xbve., xel TO melope
doa, ov fdaig udv éoti 16 AEBZTHA® molvywvoy,
Tpog 0t TO aUr0 TG xwve, usitdy fovi Tob wvlivdooy
rov Pecw udv Eovvog tov ABTA wndov, trpog ot
70 a¥r0 T %0V, ueildy é6tL Tov xVAYOov TOD fuow
ptv &goviog tov A BI'A xvxlov, Tipog 0% 10 aveo 19
x0ve. GAAe xol dumegiéyston v avrg: Smep ddvvarov.
ovx &oa O xVAwdgog Tob xwvov éldrrav fotiy 1 Toi
mAdelog. 80slydy 0F, Bre 000% peifov % voLmideios.
ToumAdeiog Gge EoTiv.

10 Of Bpotor xdvor xal xvAwdgor moog aldjlovs &

roumdadlove Aoyp &lol thv év tais fdocor diaperomr.

dorweay Spoior xivor xel xbAwdgol, dv Pdesig ply

dorweov of ABIT'd, EZHG® xivxdos, dEovsg 0% of KA,

MN, diudustgor 0% éorwoav of B, ZO. iépw, ou

6 ABI'4K A xoévog moog vov EZHOMN xivov toi-
ghadlove Adyov Eyer fimee 4 BA moog ZO.

& yoo un 6 ABIAK A xibvog meodg vov EZHOMN
rouwdaelove Aoyov Eye iimeo v BA moog tiy 26, e
doa 6 ABI'AK A xdvog #ror mgdg Ehecedv v w0V
EZHOMN xévov oregedv toumiadiove Adyov fmeg
% Bd mpog v Z@ 17 meds ©o psifov. dypfre meo-
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regov moog Elagoov ©0 A, xal Syyeyodpde el Tov
EZH® xxhov tevpaywvoy 160 EZH®, xal dveordrm
ano tov EZ HO rergaydvov mvgauls leovig 68 wove.
7 dpa aveeraudvy mugeuls welfdv domwv 1 0 fHuiev
70D xwvov. reruiedweay ol EZ, ZH, HO, OF nso:-
péoctar Oy xare ta 5, O, II, P onusie, xel émslevy-
Swoav of EE, 5Z, 20, OH, HII, 110, OP, PE,
xol dveorarw ag’ éxdevov tav EE, EZ, 20, OH,
HII, 1106, ®P, PE rowycveov mvgauls léovyng v
x0ve, xdory Goo vV dveoraudvav mvgauidov wel-
fov éotiv 7 10 Tuwev tov xed avriy Tujparos vov
x@vov. TowaUTHS O pwousvng del émiexépsng Anpdi-
ostol Twve Tpijpete amé Tov Olov xdwvov, d Eovar
éhdasove ToU A 6regeoV. Asdjpdw el Foro T éml
tov EEZ, ZOH, HII®, OPE. joumy oo 1) wvoauls,
ng Pdaig uév éors v0 EEZZOHHIIOPE noldywvov,
nogupy 0% ©d N equclov, ueitév éovs voi A eregeod.
éyyepocgdw &lg v0v ABI'A wvxdov. vy EEZOHIIOPE
wolvyedve ouody e moivywvoy v&6 AEBTITAD A,
%ol dveatare dno 100 AZBTITAD molvywvov melope
loovpis 1@ x@ve, xol THY Wiy TEQLEYOVTOY TNV TVGN-
ulde, 7g fieis uév éovi 10 AEBTIY A D moidpmvov,
xoguey 0% to A anusiov, Telyovov épedrdro 10 AXB,
Ty 0! megueydvray v mveaulde, 4g Pdoig uév eTe
©6 EEOHIIOP molvywvov, nogupy 0¢ 16 N enueiov
épeordrw 10 NZE tolyovov, xal Emsevydodoy of
ZK, M5, énsl Suoror xdvor xal xiwdeol elav, ov
avdloyov &low ol te &foveg xal of duduergol TGV fo-
osav, dorwv doe &g 1) KA meog miy MN, olrwg 6
B4 mgog v Z@®. ag 0t 9 B4 medg vy ZO, ovres
% BK moog vy MZ. og dpa 1 KA meds vjv KB,



406 APPENDIX II.

otrog §§ MN meds vy MZ* xoi megl dpdag yoving
rég Omd tov 4K, KB, MN, MZ «f misvoal dve-
Aopdv &lew. Ouovov &ge derl o KBA volyevoy 16
MNZ touyave. dvdioyov doa éatly ag 5 KA meos
v AB, ovrwg ) MN modg vy ZN. évallat dou
dotlv &g 7 KA moog tjy MN, ovrwg 9 AZ meds
iy NZ. mdiw émel oty og ) ZK mds my K4,
otrwg 1 MJE medg tow MN, xal msel dedds pavieg
rog o vov EK A, EMN of mlevoal dvaloydy slow,
Suotov Goe fotl T0 TK A volymvov t6 5 MN reuydve.
avidoyov doo €oviv, g 1) KA mog viw MN, otrag
% AZ weos vy NE, 8elydn 0% xol dg § AK meds
iy MN, otteg | AB meds iy NZ- dg toa % AB
moog iy NZ, ovtwg § AX modg vy NE. wol éuel
domwv, og % BK mgog mny KT, obrwg 5§ ZM mods
my MJE, nel mepi l6ag ypovieg tag vmd vdv BKZ,
ZMPE of misvoal évdloydv elow, Suorov dge dotl 7o
BKZ zolyavov v ZME voupidve’ domwv dga og 1
XK modos EB, otrwg 7 EM meog BZ. diie pyy xal
s 1 SK modg vy XA, obrwg 7 M5 medg wiy AN.
& leov dpe dorlv ) A medg XB, ovrwg 4§ NE
wods wyy EZ. dvalddf doo detiv, dg f AZ wpos
iy NE, orog 7 B medg vy EZ. 40:lydn OF xal
ag 1 AX meog iy N&, ovrwg % AB meds v NLZ.
&g doo ) AB medg vy NZ, olrawg 4§ AX meds vy
N5+ Guotov &ea éavi ©0 AXB tolywvov te NALZ
rowave. %ol mugauls How, fg Pdoig uév éow 70
K BZ zolyovov, xogupy 0% 16 A enuciov, dpola d6ri
i) mveapide ©ij faew utv yovey o MEZ velyavoy,
xogupny 0% t0 N onuslov. of O} Guotow mveauides
xel touydvovs faces Eyovear meog dAdfies év Tol-
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whagiove Adye elol tav OgoAdyev mlsvedv. 7 doo
wvgeuls, Ng Padig weév é6v 10 B K X rolymvov, xooue
0% 70 A enusiov, meog Ty mvgeulde Ty Paciw uiv
Eoveay 6 MZE rolyavov, xogupny 0% vo N enusiov,
touwdadlove Adyov Eye fimep  BK moog v ZM6.
xel mugapls Fow, 1 Pacig uév éore 6 KBX relyn-
vov, xogupn 0% t0 A eénusiov, meog T wugauide T
Baoww uiv Egoveav ©o MEZ relyovov, xoguepny 0% to
N enuslov, toimdasiove Adyov &ye fimeg 7 BA mpdg
my @Z. Oouolwg Oy dslfousv, Ome xal Exdern Tov
Aoy mvgauidov, dv Pidag uév &e ve K, MK,
®KA, KAT, TKI, KI'T, KTB ta rolyove, xo-
vy 0t 16 A enueiov, meodg ExdeTny Tov mvgauldwy,
ov Pdesg uév eleL ve EME, EMP, MOP, M@®II,
MIN, HM®, MOZ <a solyove, xoguepy 0% 6 N
onustov, touwlaclove Adyov &ye fimeo § BA moog tyv
Z6. xol % mveauls e, %g Pdoig udy fore o
AZBTIMO® A nodvyavov, xopuen 0% ©o A 6qusiov,
meog Y mvgoulda v Poew ulv Eoveav To
EZSO0HIIOP molvywvov, xoguepny 0t ©0 N enusiov,
rouwdaelove Adyov &yer yimeg % BA meds iy ZO.
xel émel 6 ABI'AK A xdvog weog ©0 A oregedv Tot-
ndaclove Adyov &g fimse 1 BA medg vy ZO, Ee
0% ol 7 mvoeuls, Ng Pdeg uév éete 16 ATBIITD A
molvyevov, xopupy 0t to A enusiov, mPOg THY wUQM-
pide v Bacw pdv Eoveav to EEFE@HIIOP molv-
yavoy, xogupyy 0% ©6 N enusiov, toumdaclove Adyov
s Nmep B Bd meds wyy 2O, fenw doe, og 6
ABI'4 K A névog meog 16 A 61e9edy, 0UTmg 1 mugauls,
ng Pdoig udv éovi 16 AZBTIYAD morbywvov, xo-
ougr 0% 10 A onueiov, medg Ty mvgauida TRV foww
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uty &oveav ©0 ESZOHIIOP moivywvov, x0Qupiy
0t 10 N onuciov. évadiat oo .loviv, wg 6 ABI'AKA
x@vog mEog THY mveauide iy fdew piv Epoveav 10
AZBTIITA® moivyovov, xoguey 0t t0 A equsiov,
otrwg 0 A 6Tegeov mog v mvgaulde Ty Puow
ptv Egoveay 6 EEZOHIIOP moivyovov, xogupiy
0t ©0 N oqueiov. pslfov 0 6 ABTAKA xavog vig
wvgauidog tijg Pacwy utv éyovens 1o AZBIIT®A
noAvyavov, xogueny 0t vo A equelov. usilov dou
xel ©0 A ovegeov Tig mvgauldog Tiig Poew plv dyov-
67¢ ©0 EEZOHIIOP molvywvov, xogupyy 0% 0 N
onuelov. aiie wel ldrrov' Omep dromov. olx dgu
0 ABI'4K A xdvog meds éAerrév o oo EZHOMN
%wWVov areQedy TQumAdlova Adyov Eys fimeo v B mplg
iy ZO. Adyw 1), Otv 000t moog peifov. & pag Ov-
vazdv, éorm meog T0 A. vimalw dpe 1o A avegedy
argog OV ABI‘JKA KBVOY zgmlao‘c’ova Adyov é’xu
mz.sg nZ6 ngog v AB. &g 0% 16 A 6Tepedy medg
tov ABT'A4KA nivov, ottog 6 EZHMMN xovos
7gog Eertéy 1 vo¥ ABTAK A xidvov ersgedy. 0
EZHGMN é&go xdvos mgdg Elarrdv v vov ABIAKA
x@wvov OTepedy TouwAeclove Adyov &ye fmep 1 2O
mwog v BA" Omeg adVvarov Oédaxrar. ovx G
o ABI'dK A xdvog mpdg peitdv v voo EZHOMN
#@VOV 6TEQEOV TQumAwaiova Adyov Eye fmse 7 B4
ngog tw ZO. EdslyBn 04, 8ri 0v0F mpog Eharrov .
6 ABI'4K A &ga névog meog rov EZH®MN xdvov
rouwAaclove Aoyov Eys fimee 9 BA meog vy Z6.

Of Vw0 10 avrd UYos Gvresg xdvor xed xviwdeor
mods dAMjlovs eloly &y af fdoeg.
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orwoay VMO TO avtd UPog Ovreg xBVOL Mel xU-
Awdooe, ov af faceag fotweey of ABI4, EZH®
xvxdor, aoves 0t of KA, MN, diduergor 0t tév Poi-
ecov Zerocav of 24, ZO. Aiéyw, 6n doviv, dg 6
ABTA4 wvxhog moog tov EZHGO xivniov, otrwg 6
ABI'4 4Y) xdvog mgos tov EZHOGN xdvov. & pag
p1 dovww og 6 ABI'A xixdog medg vov EZHO xv-
xdov, ofrwg 6 ABI'A xdvog meds ©ov EZHG®O,
dovar 6 ABTAKA névog #ror moog Eerrdy w vov
EZH@® zdvov evsgedv 1) mpodg ueilov. &ovem modrsgov
noos EAarrov t0 A oregedv, xal fyyeyoapdm slg Tov
EZHG® xvxiov tergdyovov 16 EZHO, xal dveerito
ano 1ot EZHO zergaydvov mugauls (Goving td xaive.
n &go avesrapdvy mvgouls pelfov foviv 7 ©o fuiev
T0V xwvov. tweTpicdweay of EZ, ZH, HO meoipé-
osiaw Ol xave T 5, O, II, P enucie, xal éwslevy-
pwdov of EE, 5Z, Z®, O6H, HII, 110, OP, PX,
%ol aveordro o’ éxdovov vov EE, EZ, 26, OH,
HII, 1®, OP, PX topoveov mvoauls leovins ©é
xOve. ExdoTy doo ToY dveeraudvov nvgauldov usifoy
doTiv 1] 70 TuLev Tov %ad adryy TufueTeg To xevov.
roavrng 07 ywoudvnyg del émenépewg Anpdiceral Tive
Turjuate amo tov Glov xwwvov, & Ferer éidrrove Tig
vmegoyiis, g Vmeodyst 6 Z@ MN xvxdog vov A ave-
oe0d. Ashijpdw xal é6vw v énl vov EEZ, ®HII,
@OPE. lowmy doa % mugauls, ng Pdeg utv o
HEZOHII®P molvymvov, xogvpy 0% 10 N onusiov,
weiov éovi Tob A ovegsod. dypepodpdw O &l TOV
ABI'A4 xvidov 9 EEZOHIIOP moivysve Opoov

1) A4 supra ser. m. 1.
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molvpovoy 10 ATBTITAD mvoeuls -leovins 16
xove. énel dovv dg td dmd i B revodymvov mpos
70 and viig ZO zemooywvov, ovtwg 6 ABIA xixlog
nods vov EZHO xvxdov, dAla uiy xel dg to 4mo
vijic BA tevpayovov mpog v and g ZO tergdywmvoy,
otrwg 10 AZBIITAD modvyavov meos 10 EEZOHIIOP
wodvywvov, wg dee 6 ABIA wixlog meds tov EZHO
wvxdov, ottws 10 AZBTI' Y AP mordyavoy meos 70
EEZOHII®P moivyovov. all’ og uiv 6 ABI4
xUxAog meog tov EZHO uixiov, ovrwg 6 ABTAKA
#0v0g meos ©0 A oregedv, g 0k 160 AZXBTITAD
moAvywvoy meog ©0 EEZOHIIO P molvyavov, ovteg
% mvgeuls, Ng Pdoig uév dovi 6 AXBTITAD no-
Myavov, oltwg 1) mvgeuls, ng Pdoig wév éem 10
AZBTI'TYAD molvywvov, xogues 0% ©d A equsiov,
medg v mvgeulde Ty Pdew udv Epovewy 10
EEZOHII®P moivyavov, xoeueyy 0t ©o N onusiov.
&g doa 6 ABI'AK A xivog mpog 10 A 618980V, ovres
% mveauls, ng Pdoig uéyv éors 76 AXBTITAD moiv-
yavov, xogupy 0% ©0 A enusiov, meds Ty mvgeulde
v paow pdv Egoveav vo EEZOHIIOP molvywvo,
xogupyy 0% 70 N enusiov. évaddat dge fotiv dg 0
ABIT'AK A xdvos medg tqy mveauide iy fdow udv
gpovoay t0 AZBTITAD moidymvov, xogupyy 0%
16 A onuslov, ovtmg 10 A GTEQE0Y mEOg TNV TVQeUide
vy Pdow udv Eoveav vo EEZOHIIOP moilynvov,
xopugpny 0t 0 N enuciov. pelfov 0% 6 ABI'4KA4
xdvog Tig wvgauidog Tijg Pdew udyv dyovens T0
AXBTI'T AP molvywvov, xogupny 0% 16 A enuelov.
peitov doe xal v0 A orepeov vijg mugauldog vis fdow
piv égovens ©0 EEZOHIIOP moldyovov, xoguyly
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0t 70 N onusiov. dide xel Elavrov: Gmep &dvwvarov.
ovx dga dotiv g 6 ABI'A wimlog mpeds tov EZHO
xvxdov, ovrwg 6 ABITAKA xevog mpog élatrdy e
tov EZON x@vov 6reeeov.

Adyo 0% 000t moog wsifov. & pag Svverdy, dorw
moog weifov 10 A. dvamalw doa deriv dg 6 EZHO
xvxdog wedg Tov ABI'A wvxdov, oVtwg ©0 A 6Te0s0v
190g 10v ABI'A A xdvov. g 0% ©d A 6regeov moog
©ov ABI'4 A ndvov, ovtws 6 EZHON xdivog medg
éarrév v 100 ABI'AA nevov 6regedv. g &oe 6
EZH® wtxhog mds tov ABI'A wvxiov, ovrwg 6
EZH®N xdévog mpog ¥arrdy 7w 7o #6vov TOv
ABI'AAY) ovspsot* Omep advwarov 0é0sixron. ovx
doa éotlv ag 6 ABI'A xixiog meog vov EZHG xv-
xiov, oUrwg 0 ABI'dA xdvog medg ueildy © o
EZHGON wugvov orsgedv. £0elydn 04, dre 0v0% meog
Barrov. Eerww #oa wg 0 ABI'A wixiog mpdg tov
EZH® wbxdov, otrwg 6 ABI'AdA xévog mgos wov
EZHGON xaovov. mnel fote ptv xVAwdgog 6 Pdewv
éov Tov ABI'A xiriov, Tpog 0% ©0 avrd 6 xdve,
roumddciog o0 ABIAdA udvov, vob 0¢ EZHON
x@VoV TEIWAEGL0g O uVAwdgog O Paciy uiv Eyev Tov
EZH® xVxiov, Upog 0% 10 avrd 16 xdve. dovw dou
g 6 ABI'4 wixiog meods tov EZHO xvxiov, olreg
0 ABI'4 4 #¥iwdgog meos vov EZHON wviwdgov.

bl A 7 ’ ~ 4 » ~
Eov xviiwdgos émiméde 'ty;nﬁgz mwagalifio ove Toig
awevavriov émmédoig, é6tar mg 0 xvAwdgog mdg TOV
’ 7 € » b \ n
xvAdivdoov, oUtwg 0 &Ewv meog Tov &fove.

1) A supra scr. m. 1.
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xVAwdgos yeo 0 Ad émnédp vd HO tsrpigdw
negoediiie Gvie tolg amsvavsiov émmédoig ol AB,
T4, xol ovuferiéro vé vov xvAlvdgov aove 10 HO
émimedov xave v0 K onusiov. Aéypm, Gre dotly dg o
HO xbAwdgog mpdg tov HA wvlwdgov, ovewg 6
EK é&tov. &9’ éxdvsoa ta péen énd ve A, M enusie,
xel xslodooay v utv EK &Eows lGor G6oidrjmors 0
Z%, ZM, nal éxPefinodw Oe tov 4, N, H, M)
onueloy émimede magdlinie zoig AB, I'd, xel ve
vonjedweay v tolg due tév A, N, B, M onpeloy
émmédorg mepl xévioe va A, N, 5, M xvxdor of
OIIPX, TY® X ot 6vreg voig ABI'A, nel vevorjede-
goy wvlwdgor of IIP, PB, AT, TX. el énel of
AN, NE, EK ukoveg loor eloly dalijhog, of dou
IIP, HP, BH #vAwdgo. medg dAljiovg slelv og of
Bdoeg. oo 0F alldjioug sielv ol Bdoag. Idou Gge
slol %l of IIP, PB, BH xviwdgo: dAljloss. xal
ingl of AN, NE, EK é&toveg lgor elaly aldjhois,
slol 0% xal of IIP, PB, BH wiwdgor l6os adijio,
nel éovwy [Gov 16 wAiPog 6 wiiBe, bdemAacioy dge
dotlv 6 AK &Ewv tov EK &tovog, ToGevramiediov
dord xal 6 ITH xviwdgog tov BH mviivdgov. Ouw
re avte 0 xel oeemlaciov dovly & MK &twv tod
K Z &Eovog, rodavraniecioy éotl xai 6 X H xviwdgog
rob HA xviivdgov. & udv ovv iGog éerly 6 AK &tav
vo KM é&Eovi, loog dotd xal 6 ITH xviwdgog 76
HX xvitvdop, e 0t pelfov éotlv 6 KA &twv tov
KM é&Eovog, pelfov éotl xal &6 ITH xbiwdgog 0V
HX xvdlvdoov, & 0t élacowmv doviv &6 AK &Ewv 1o

1) 4 in ras.; supra N ser. M m. 1.
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KM &kovog, éddocov éorl xal o ITH udiwdgog tod
HX xvitvdgov. rse6doav 01 ueysdov oviov, atévov
utv vév EK, KZ, xviivdoov vév BH, HA, sldgmros
loaxnig moddemidoia tov ptv EK é&fovog xel BH xv-
Avdgov 0 1¢ KA dov xal 6 ITH xvAwwdgog, Tov 0}
KZ akovog xol o HA xvilvdoov § te KM &kou
xal 0 H xvAwdoog, xal 0é0extar, oti, & Omegéyer 6
AK dtov vov KM &tovog, Omegéyer ol &6 ITH xv-
Awdoog Tov HX xvilvdgov, xal & i6og éovlv 6 KA
#tov te KM &Eove, loog éovl xal o ITH widwdgog
1 HX xvilvdow, xel & é\dooov éotlv 6 AK &Ewov
ot KM afovog, éAdaoov dotl xel 6 ITH wxviwdgog
rot HX xvilvdgov, éomv dga wg 6 EK dkov moog
oy KZ &tove, ovrwg 0 BH xviwdgog medg 1oy HA
xvivdgov.

O éni lowv fdocov Svrsg xdvor xel xVAwdgo
weog aAAjlovs &lolv wg T VY.

devwcay pag énl lowv Bdcsov tov AB, I'd xv-
lw&goa of EB, Z . l.s’;/w, 8. éotlv dbg 6 HB &"gaw
o 1ov KA étove, obrwg 6 EB xviwdgog ngog OV
Z 4 xbdwdgov.

éufepinodeo yag o KA dkwv éxl ©o N onusiov,
xel xsi6do e HO &Eove loog 6 AN, el megl &Eove
zov AN xviwdgog voelodw 6 I'M. émel odv of EB,
I'M xviwdgor ©md ©6 avtd slew Upog, mEog dAAr-
Aovg slelv g of Baeeg. loar 0F elow ol Pdoeg. iGog
doa xal 6 BE xVAwdgog t¢d I'M xviivdoem. xel émsl
xvAwdgog 6 ZM émiméde v I'd tévpnror magaiifie
Svre volg dmevavriov émmédorg, éemiv dga wg 6 I'M
#VAwdpog modg tov ZA xbAwdoov, otrwg 6 AN medg
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tov KA &kove. icog 0¢ dovww & pdv I'M xddwdpog
v EB xviivdem, 6 0t AM dkov vg HO &kov( donw.
éorwv doe og 0 EB wviwdgog mgds tov Zd xviw-
doov, ovrag 6 HO &fwv medg vov KA dfova. og 0}
60 BE xvAwdgog mpdg tov ZA xviwdgov, otrwg o

.ABH xdvog modg vov I'dK xdvov. =l og dow 0

HO® &tov mpos tov KA édfova, otrwg 6§ te ABH
xdvog mgog tov I'AK xdvov xal 6 EB uiiwdgog
700g Tov Zd wudiwdgov.

Tov leov xoveoy xal xviivdewmy dvrimexdvdesw
af Paces tols VPso, xal oV xdvev xel xvilvdeay
avumenovdeow af Bdeeg tolg Uyeoiy, énsivor loo
&laiv.

dorwoay [6os xovor xel xVAwdgor, dv Pdesig udv
of ABI'4 xvxdot, dtoveg 0% of EZ, HO. iéyn, on
v ABZ, I'40 xcvev xel xviivdpav dvrimsndvdasw
ol Baceg tols Dpedr, Tovréomy g 1) AB Pdeig meos
iy L4 Bdev, ovteg 6 HO Tyog medg 10 EZ tipog.

w0 peg EZ Typos 6 HO e Fjwow leov derlv 1
of. &ote modregov loov. of 0F Vmo To avTd ibos
Svreg xdvor nal xviwdgor meog dAlfiovg eloly dg el
Piees. Zotwv doa wg & ABZ udvog 4 wuvAwdeos
ngdg vov I'd® xdvov 7 xblwdpov, olrtwg 1 AB
paag meog vy I'd Pdew. leog 0¢ éorw 0 ABZ
#6vog 7 x0Awdgos 16 KA® xdve 17 xviivdge. lon
Goa nal ©) AB Pdeig vfj I'd Bdes.. Eari 0% xal 70
EZ ¥yos vg HO Uyper loov. Eorwy &oa og 7 AE
Baeig medg iy I'd Pdeww, otrmg to HO Upog meos
70 EZ Uyog. uy dotw 0% isov vd HO Tyog vg EZ
fpe, dAl dovw petfov 10 HO, xel xelodw 0 EZ



APPENDIX II. 415

leov v HK, xal and Pocewg i I'd, Typovs 0k tod
HK vevorjodw xdvos 7 xviwdgog 6 TAK. énmsl ovw
0 ABZ ndwog 1 xviwdgog vgh I'd xdve 1§ xvilvdoe
vmo 0 adrd TYog dovlv doa dg 7 AB fdeg meog
mw I'd Bdew, ottwg 6 ABZ xdvos 17 xviwdgog
1905 I'AK xdvov 7 x0iwdpov. [6og 0% 6 ABZ xévog
7 ¥biwdgog v I'A® xive 1 xvlivdep. Eetw doo
wg 9 AB Pieg medg v I'd Bdew, otrwg 6 I'd®
xdvog 1 xAwdgog weodg tov I'd K xdvov 4 xdiwdeov.
wg 0 6 I'd® xdvog 1) xvAwdgog meds rov I'dK
xdvov 1 xvAwdgov, ottwg ©0 HO tyog meog v0 HK
vyog. xal og o 1 AB fdaig meog Ty I'd Pdewy,
ovrwg 0 HO Uyos meos 0 HK vjog. Ileov 0% 7o
HK tyog v EZ Uype. Eonww doa ag v AB Poeg
wodg v I'd Bdow, ottwg 10 HO Tyog medg v6 EZ
vYog. t0v ABZ, I'd® dge xwveov 7 xviivdgav
avTmendvdacy of fdaoeig Tolg Tpeauv,

dide 87 evumemov@érweav of Pdcsig Tols Upeay,
aol Eotw wg 1 AB Pdoig meds Ty I'd Bdeiy, oltwmg
70 HO® Tyog nodg ©v0 EZ tos. Adyw, Ot leog dorly
6 ABJE xdvog 7 xvAwdgos v 'O %dve 1) xviivdee.
mddv peo o EZ tyog ©¢ HO vye frow igov dorly
7 o¥. é&erw modvegov il@ov. &t dox g % AB
Bdeig moog vy I'd Pdow, otrws 6 ABZ xovog 1
#0Awdgog meog 1ov I'd @ xdwvov 1 xviwdgov. dg 03
1 AB fdoig mgog vy I'd fdev, otrws 1o HO tyog
n0g ©0 EZ twog. xol og dge 6 ABZ xdvog 7 xv-
Mwdgog medg 10y T'd® ndvov 1 xviwdeov, obrwmg
70 HO Tyog meds v0 EZ Tyog. iGov 0% ©0 HO Tyog
v EZ Upe. loog dpo xal 6 ABZ xudvog 1 xViww-
doos 16 I'4® xive 7 wwilvdep. uy fotw On ldov
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0 EZ Uyog 6 HO vyer, xal Sovo ueifor w0 HO
v9 EZ, ol xslodw vo EZ leov vgp HK. louv don
tg 79 AB pdewg medg v I'd fdew, odrwg 6 ABLZ
x@vog 1 #VAwdoog medg tov I'AK xivov 1 xihwdgo.
g 0t 0 AB pacis meos Ty I'd Bdaew, ovrag o
H® tyog moog ©0 EZ Vyog, rovréer. moog vo HK.
xal g oo 0 AZB xdvog 1 xVAwdgog meog tov I4K
xdvov 1 xViwdgov, otrwg td0 HO iog medg 10 HK
vpog, ag 0% 6 HO vyog meog v0 HK tyog, otrag
6 T'4®ABZ xdvog 1 xivdgog modg vov I'A ndvoy
1 axvlwdoov. xel g oo 6 ABZ xdvog 1 xviwdgos
neog ©0v I'AK xdvov 1 xvdwdgov, ottwg 6 I'40
#Gvog 1 xVAwdgog medg Tov I'd K xdvov 1) nviwdgov.
e, 0% meog TO avTd ToV adrov dgovte Adyov low etiv.
loog &g 0 ABZ xdvog 1 #vAwdgog T I'40 xdvy
1 wvAivdee® omep #de Oeitar.

dvo wixdov wegl 1O avrd xévrgov Svrav &g Tov
uelbove wvxdov molvyevov (edmAsvgov Zypedvmr i
Yovov voi AdeGovog xvxiov.
~ Eetwoay 0vo wvxdor megl To avrd xévrgov of ABI,
AEZ. 0st 09 &g vov pslfova xnvxdov vov ABIA
woAVywvov (G6mAsvgoy éyyedidar wy Yavov Tov éAdr-
rovog xvUxdov tov EZ.

fyowoey tvdv ABI, AEZ wixhov dvo Oduergo:
70dg bpdag dAiidewg of AT, AB, xal fydw dnd tov
Z vfj AT mgbds d98dg % ZH ol Sxfefiijodo énd t0
Z0. dpdmvevor dgo vob EZ xvriov. téuwvovtes 09
v I'd megqipégeioy Olya xal v fulesiev vig I'4
dige nol rovro del moloUvreg xatalipoudy Tive meQl
ploeiav, Tuig Eoren EAdeowy vijg HI. Ashjpde xel
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dotw ) KI, ol 7380 amo vov K equslov énd v
A xddevog ) KA xol énfeprijedw éml ©o M, xel
énetevydwoay «f KI'y, PM. éxaréga doo tév KT,
I'M molvy@vov (oomievgov éotl mAsvge tol &ls TOV
ABIA4 éyygoapopévov. xal émel mepdiinidg éotw 7
HO ©jj KM, v 0t HO épanverar tot EZ xvxdov, 7
KM dga odx épdmretar 100 EZ wixdov. mollg &ga
ovdetége tov KI', I'M Zpdmrerar tov EZ xvxiov.
éoav doa i) KI' wegupegele loas megupegslas apaioduey
xare ©o g nal émisvyviouey evdelag, Eover &lg TOV
ABT'4 wxiov modbyavov leémievgov éyyeyoouuévov
w1 Yavov Tob fAdedovog xvxiov tod EZ, xol gave-
@0V, 8t 1o éyyoagdusvov molvymvov dgriémAsvgdy
dotiv* Omeg éder Osifau

dvo apagdv megl TO avTd xévigov 0ve@Y &g TRV

pelfove mpai’gow aregeoy nolée&gow 7 wel o’zpno'atlw-,

eov dyyodipor un Yatov vig elaao‘ovog opalpes xome
T émipdvsiay.

évvosledwooy 0vo Gpalger megl T6 avrd xévrgov
ovear o A. Ot 0% &lg v pslfove epaigav 6vegedv
moAvsdoov xal dgridmAsvgov éypodpar ui Ppavov ig
élaagovog 6palons. reTunodwsey af cpaipns émimédn
die ToD xévrgov. mowjes 01 Touag peylerovs xUxlovg.
moteltw tovg ABIA, EZH, xal fovo 6 uiv BI'4
wxdog dv tfj pellows opalpe, 0 02 EZH év vy éide-
oovt. - xal Yydwoay tov BI'A xbxhov dvo dicusvgor
wedg S0dag GAjAasg ef BE, I'd. xal 0vo xdxiev
mepl 10 avrd xévrpov dvieov BI'd ; EZH elg vov usl-
fove xUxdov Tov BI'Ad moivywmvov leomisvedy Te xol
agriomisvgoy Eyyeyodpdeo wy ypavov Tov éidecovog

Euclides, edd. Heiberg et Menge. IV. 27

16
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xvxdov tov EZH, xoi forocay misvgal tov molv-
yovov af BK, KA, AM, MT, xal Zmtevydsioe 1
MA éPefliedo éml ©6 [E, xal dvesrdre awd tov A
enusiov ved vov BI'd wixdov émiméde medg bedog 9
AN xoal cvufeiriéve i énupavely vijg pelfovog opai-
oag xete ©0 N onusiov, xed 00 éxavéoas tov I'4,
M5 nel viig AN éninede éxPefifjodo. wovjee 07
rouds xUxAovs. molsltwm, @v yuwuvxiie Eove v I'NJ,
MNE. xal énmsl loov elolv of BI'd, I’NA, MNE
avxdot dAdajhois, Goar &oo sloly v v¢ BI wevagry-
pogleo misvgal Tod molvywvov, vodavral &lor xul év
énarépe v I'N, MN tj MI" loow. évnoudodwony
xol éerwoav i I'O, OII, IIP, PN, N2, 2T, TT,
M, xol émefevydwoov «f 10, TII, EP, xal dno
utv rov O énl iy I'd xddevog #jyde 5 O, dnd
0 Tov T émd iy ME 5 TX, xal énmeletydo n DX
énel ovv ) NA 084 éove moog vo BI émimedov, xed
mdvve dga ve 0w tijg NA énimede d9d é6m moos
76 BI' énimedov. &v 0 10 zadv duk vijg NA émimédov
dotly ) I'NA xvxiog. 6 I'NA dge xvxhog 6090g
dov. moog tov BIA wbghov. dux va adra Of xel 6
MNJE xixdog 6990g éo1t moog tov BI'A xivxhov. xel
énsl ©v0 I'NA énimedov 6986v éome moog to BIA,
nel i xowij topf] adrawv tij I'd mgdg Seddg fxras
dv 13 N4 émnédp 1 OD, 1 OP &oo xal vg BI'A
émnédp dorl moog OoPdg. dix vo adre Of xal § TX
16 BI'd émmédp éotl modg bodds. mapdAiniog o
éotlv ) O® tf) TX. xal mel ioy éorlv § T M 7j
OT, iGov é6tl ©0- dmd tijg TM vevgdyovor T Gmo
tijig OT reroaydve. Glic ve udv dmd vig OI leov
ot ©6 Dmb vdv AT'D, v 0% dmo vijg T M icov éoth
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T0 amd zijgl) EMX. xal vd vmo téy AI'D dou lgov
éotl td Ymd tov EMX el AID?) 1H vmd TOV
EMX., xal éoviv loy 7 AT fj EM. loy &oe éovl
xel 7 I'® =fj MX. &ovu 0} xal 0y 5 I'd GAy vj
AM loy. wmepdidnlog &pa Zetly 4 DX Tfj MI.
wedw mel ©O dmd vijg EI'O® revpdywvov leov ol
16 and vig M T terpaydve, ¢ild vg pdv amd vig
I'O isa éovl ta ano tov I'd, DO iey pag 7 VmO
I'®0 yovie: ¢ 6 dnd ziig MY loa Zovl ve axd
tévy MX, X1 898y pdo éovv 7 vmé MXO yovie
aol v emo tov I'®, @O doo loe €61l voig dmd THV
MX, XP, dv ©o énd vijg I'® leov éovl ¢ dmd vijs
MX. Jowmdv &oo ©d amd g PO Aownd v dmo wijg
X dovwv leov. lon &oa édotlv ) DO 7fj T'X. éome
0t avry xal megdidyrog. xal af DX, O doo ioon
7¢ &lor nol moagaidnhor. m &ou DX tf) I'M édori mag-
dAdqlog. xel 5§ I'M &g tfj OT éove magaiiniog.
sal 8@’ éxavdoug advedv sldnymror rvydvre enusia To
N, M, 0, I, xol énefevypévon glolv af MY, I'O. of
doa TM, MI, 'O, O év vovre éori xal vo TMIO
revpdmAsvgoy. 10 dpe TMI'O wevpdmsvgoy év &vi
doriy émmédp. Owe v evrd 01 xal Sxdregov THv
TOIIT, PX vevpoamisvgov év évi éotw émnéde. éom
0% xol ©0 ZPN tolyovov &v vl éminédw. nol émel
ion éotlv n MT ©ff I'O, %ol magdiinids éemwv 1)
MTI ©fj TO, év xVxie &oo éotl ta M, I, T, O 6y-
uele. 7yd@ dmd rod A enutlov éml 7o Tov MI'TO
rergandevgov émimedov xdderog 1 AT xal cvuPel-
Aéro ¢ mimédp xave v W. 1o W dgn onusiov xfv-
1) dné g corr. in dmd rédv m. 1,

2) & corr. ex X m. 1.
27%
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roov o1l tov megl e M, I'y O, T onusie xtxiov.
dnstevydo n WI. xal émel vevodmdevgov &y windo
dovl 1o MI'OT, xol voetg af TM, MI, I'O ion
arjherg elolv, xel peilfov Zovly % MI g 10, 0
too amd vijg MI to¥ dmd vijg I'D usitév fovw 1)
dimddeiov. 7ydw amo vod ME énl vy I'® xoderos
N M&. nal émel daoeoy doviv § I'Q vijg Q4, g
0t 5§ I'Q mpog vy & A, otrwg 0 amd vijg I'Q 1od
omd g &M, ta doo and rov I'Q, &M éidedove
g6t tod Olg amd tdv MR. dAie v amd rdv 'L,
QM igov éotl ¢ ano vijg MI. o &pu and vig MT
laeeov dot Tov Olg dmd t@y MK 1o 0% dmo zijg
MT rod dnd vijg I'T weildv dovv 1 Sumddeiov. 70
doe amd vijg MK rod dno vijg 'Y usilov dovwv. el
sl lon dotiv ) I'd vfj AM, leov éovi ©d and tijg
I'e ¢ dno vis AM. d¢iié 6 pv amd vig I'4 loe
ot 1o dmd tév I'F, A 09y pde dotw 7 mgos
t§ W yovie. ve OF dnd vig Md iow éorl vi dnd
oy MR, QA. 890 ydo devww 7 vmd MRA yoviw.
T and oy I'T, TA lea éorl roig dmo tov ML,
QA, dv 16 dwod vijg MR psifdy édoms rod dmd vig
I'P. Aomdv &oa 0 dmd viig T.A usifév o v0v
and viig AL. psltov aga 1 PA rijg AL | 0 AL
uelfov éatl vijg éx tod xévigov rijg éhdacovog Gpalpes.
molAg doa 7 WA pelfov dorl Tig éx Tod xévrgov ¢
dAdeaovog cpalpeg. xel 1 AW xdkdevog émlzo MIOT
ininedoy fomw. o dow MIOY imimedov ob pave
vijg éAdgoovog opalpas. dwx T abre Oy xel fnd-
regov 16y POHT, TIPX terpemisvgoy ol ypove
ijg éAdadovog opalpag, 0vdt td NXP rolpavoy pade
tijg éAdodovog Gpaigag. v v dv éndery Tdy Aowmay
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| TeTagTUoQlOY TR QUTA Xeracxevaewusy, Efousv &lg
v pelfove opaipay 6TEQEoY moAvedgov xal doTiomdey-
oov éyyeyoapudvov wiy pavov vig Adecovos Goulpag.

Eov 07 elg évépav apaigav 16 év tvf) BI'A opaign
otegsd moAvidom Opolov Gregsdy modvedgov Eyygd-
Yousy, fovar Sudory Tdv mvgeuldav Tev fdow udv
égovedy to« MI'OY, YONT, THPX xal ©v6 NOP
Tolyavov, xogupyy 0% 10 A onusiov, Opole Tff Opo-
Toyel mugouldr. of 0t Guoior mvgauldsg medg dAAijieg
rouwdadiove Adpov Eyovew iimeop 7 Opodoyog mwAsvow
weog Ty Oudloyov mlevedv. Exdery dpo TOY mvQw-
uldov Tév Pdew tdv Pdew v épovesy ro MI'OT,
YOIIT, TITPX tevgamievgn xol 16 NXP volywvov,
xogupny 0% 10 A enusiov, meodg éxeoTnyy TdY Oporeydy
nvgauldav toumdasiove®) Adyov Eysi fime n I'd modg
v & ToU xévrgov tijg Evdpag Gpalgas. wel GAov
&oa 10 moAvedgov Toimdaslove Adyov Eys Yimep o I'A
wedg THY Sn ToT xévrgov Tijg Sréong epalpws. g OF
1 I'd mog iy & to¥ xévtgov tijg érépag opulpeg,
ottwg N I'd moog v dudueroov tijg Eréoag opalpas.
xol SAov Goo TO moAvedoov medg GAov TO moAvedgov
rouwdagiove Adyov &yev imsg 1 I'd medg v did-
UETQOY THG 6QPRlYng: ~

Al opaigos mog alijieg év touwhaciove Adyw
&lol Tov doudromv.

dorwday opaigur of ABI, AEZ, Ouiuystgor 0}
tov ABI'y, AEZ 6paigiv éovwcay of BI'y EZ. Aéyw,
8w ) ABI ogaipe meés iy AEZ epaipoy Toimie-
6lova Adyov &g fimeo n BI' mods v EZ.

1) Corr. ex touwicore m. 1.
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e yoo uy &t 7 ABI ogaige mgog v AEZ
roumdaclove Adyov #meo % BI mgdg vqv EZ, e
doo | ABI ogaige iror meodg EAdacova vive Gpeiony
viig AEZ 1) moog pelfove toimiaslove Adyov fmsg 4
BI’ mgog v EZ. éyérem medvegov moog EAdcsovn
iy HOK, xel vevoljodw 1) A4EZ vy HOK mepl w0
abto %évrgov, xal Vo Gpaiedy megl TO avTO xévigoy
oveGy tdy AEZ, HOK &is vy pelfove opaigay iy
AEZ cts0s0v moAvedgov dyysyedpdo w1 pavov vis
éAdagovog opaloas tiic HOK nave my émpdveay,
xol Eyyeyodpde &lg iy ABI epaigov té év 16
AEZ otepeis modvédowm Ouoidy Te xel dpolng xelpevoy
otegeoy molvedgov. o doa év vij ABI cpalgn ote-
0&0v modvedgov meog T0 év vfj AEZ cGpulgy Gregety
moAvedoov toumdadlova Adyov &yer #meg 7 BIT moog
v EZ. e 0% ol ) ABI epaitge moog my HOK
rouwdaclove Adpov #imep 3 BI modg vy EZ. Iotw
doo g 1 ABI opaige medg iy HOK apaipny,
ottwg 70 v vjj ABI" ovegsov modvedgov. éveddak
doa éotlv ag § ABI Gpaiga meog 70 &v avry mo-
Medgov, ovtwg § HOK cpaipe meog to év vjj 4EZ
6paloe 6Tepsov modvedgov. uelfov 0t 1) ABI opaign
rov &v adr molvédpov. pelfwv Foa xal 7§ HOK
epalon tov &v i AEZ epalgn oregeot molvédgov.
aide xal EAdocav: Sumegiéystar ydo® Smse advverov.
ovx dpu 5 BI' 6paiga medg EAacady rve tig AEZ
rouwdaciove Adpov Eyev fimsg % BI' meds wiw ELZ.
Suolmg 0% Oslbouev, 8tu 000 % AEZ cpaipe m9os
éhacaove twe g ABI' opalpag toimAedlove Adyov
&yer ijmeo 1 EZ moog vyv BI.

Adyw 1), Ori 000t ) ABI ogaipn medg ueltov
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twe tijg AEZ vouwdadiove Adyov &ysu iimeg 7 BI
modg v EZ.

&l yag dvvazov, 5 ABTI epaipe wedg uelfove Adyov
ééro viig AEZ opalpus moog iy A fimeg 7 BI moog
iy EZ. dvdmelw dga | A épaige medg vy ABI
opoigay voiwAaciove Adyov e fimeo 1 EZ moog vaw
BI. &g 8} % A egeige mgdg vy ABI epaigav, olrag
1 AEZ 6pouiga meog éAdceove tive viig ABT epalgeg.
xel 1 AEZ &ga 6paipn mpdg éhdeeovd tive vijg ABT
opalons toumwdaciove Adyov Eyeu fmep 7 EZ moog T
BI" Omep advvarov. ovx dge 7 ABI opaigpe medg
uellove twe vijg AEZ opalpag voiwdaciove Adyov
éyee mee ) BT moog woy EZ. elydn 04, Gru 0vdd
ngog éAdodove. 7 ABI' ogaipn medg iy AEZ cpai-
oav touwiaclove Adyov &xet fimeg 1 BI' medg vy EZ.

Edxieldov orouysiow?) if.

1) Infra add. creoedv.




