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MATHESEOS ET

GEOMETRIAE DIs
VISIO.

% Athematicz difcipline, quz om-
k des circa quantitatem ver(antar,
/g ¥ nomen acceperunt a Grzca di-

7 Gione paquua feu pudourig, quz
dlfaplmam & doérinam fignificat; ed
quod tum gradaum afcendendo dotean-
tur, & addi{cantar; tim fole {emper cx pra-
cognitis quibufdam,conceflis , & probatis,
priacipijs, (Haud ex hypothefibus nondum
explicatis) ad conclufiones demonfitrandas,
quod proprium eft do&rinaram & difci-

plinarum officium, tefte Ariftotele libr. 5,

Pofter.procedant.

Pythagoras , & Mathematici vniuerfas
Mathematicas difciplinas in quatuor partes
principes diftribuunt, nempein Arithmeti-

cam, Muficam, Geomettiam , & Aftrono- .

miam. Cim enim omnisquantitas, circa
quam hz difcipline verfantur,fit vel difcre-
ta.{ub qua omnes numeri continentur; vel
- continua , fub qua omnes magaitudines

cowprehendgatar; &vtraquc tam fecuns
Az dum

~



4 Marursros Divrsro,
dam fe,quam compatarione alterius poffie
confiderari; Vifum eftillis has quaruor par.
tes nftituere,, qua vtramque quantitatem
produplici contideratione, diligenter con-
templarentur. . Iraque Arithmetica agit de
quantitate difcreta {zcan dum (e; omnefque
numerorum proprictates ac paffiones in-
quirit, & accurate cxplicat, Mufica tra&ae
~ eandem quantitatem difcretam, fcu nome-
- rum cum alioc comparatum; gnatenus (ono-
rum Harmeniam 4 & concentum refpicit,
Geometriade magnitadine, feu quantitate
continua.. fccundum e quoque, ve immo.
biliscxiftit, difputac. Aftronomiadenique
magnirudinem, vt eft mobilis , confiderat;
- qualia funt corpora cceleflia continué meo-
ta. Ad has autem quatuor fcientias Mathe.
maticas,tum puras.tum mixtas, omnesaliz -
de quanticate traltant,vei Perfpeina Geo-
graphia,Stercometri ,& czrera,facili rego-
tio,tanquam ad ua capita,& fontes,cx quie

busemanant redacuntur

Geomerria apud Fuclidem dividitur in
_ planorum( fuperficicrum planarum, ) cone
templationem,feu Geometriam proprié dia
&am ; quelibris fcx primis abfolairur; ke
in folidorum { corporum folidorum : ) fpe-
culationem, {eu Stereomerriam; qua lie
bris poftremis persr-&arur  Prior quidem
parsnempe Geomaria, inires partrsdfly!g-
_ . ui-



MaTHIrSFet Divisio. ¢
dinidirur, Nam in pr:oribus quatuor libris
agitur de planisabfoluré.ita ve corum ¢qua-
Iitas,& inzqualicas inueftigetur. n quinto
vero libro de rationalibus magnitudinum
proportionibus in genere difputarur Ia
fexto denique libro proportiones fig: ra-
* rum planarum difcutiunrur. Pofterior ve-

¥0 pars, nemn; ¢ Stereometrica, in tres quo-
que partes (ubdiditur, Inquarum prima,
videlicetlibris tribus , feptima, c &ano, &
nono,agitur de numerorum proprictatibus,
paffion bu(gue ad lincarum( & ali.rum ma-
gnitudinum:; ‘ymetrarum (v commenfu-
r+biliam, & afymetrarum; feuincommen-
furabiliam tra@ationemn neccrijs In fe-
cundanimiram libro decimo,fatis prolixn,
de lineis commenfurabil:bus. & incommé.
furabilibus,finc quarum natitia, corpora il
la quinque {islida, regularia, feu platonica
perfedté tra&arinequeunt. differitur Inter-
tia denique nempelibris fex poftremis (qui
& iph fubdiuidi poterunt) defolidis illis
acnciffi né difpatatur,corumdue propricra.
“tes inacltigantor De pun@is autem, & lincis
in hoc operenulla cxprofeAl ex-ar cérem-,
platio:quoniam Geomerria potiffimum cir-
«afiguras, quibus plana, & (olida duntaxae
(non pun&a,& linex:)afficiuntur, verQatur,
Demonftratio omnis Mathematicorom
ab aatiquis fcriptoribus diuiditar jor Pre-
A 3 blema,



€ MaTRESEOS Drvifro,
blema,& Theorema. Problema quidem vo«
catur ea demonttratio, qua iuber atque do-
cetaliquid conflituere, facere, inuenire, de-
fcribere, & vt fuper datalinei re&a termis
nata triangulum 2quilaterum conftituere.
Theorema verd appellatur ea demonftra-
tio, qua folum aliquam proprietatem , feu
affionem voius, velplurium fimul quan.
firatum( multarum vel magnarum iam in-
uentaram: ) perfCrutatur, vt in omai tri-
angulo rres angulos efle zquales duobus
rettis, Caterdm tam problema , quam
Theorema dicitur apud Mathematicos
propofitio; €0 quod vtrumque aliquid no.
bis proponit, vii in exemplisaddudtis cone
ftac, Demonftrationes problemarum cone
claduntur his feré verbis ; O%)d facien-
dum erat : Theorematum vero Demon-
frationes , his verbis; Quod oftendendum,
vel demonfirandi erat; habita nimirum ra- _
tione vtriafqué, Adhzc problemata per
modum infinitum , {ed Theoremata per
modum finitum feré proferuntur. Lemma
{fumptio, velafflumptum latiné ) appella.
tur ea minus principalis, & aliqua tantum
declaratione indigens, demoftratio,quz ad
demonfirationem alicuius Problematis,
vel Theorematis principalis affamitur,ve il
la demonflratio expeditior , ac brevior
fiat;veviderclicet libr.6. propof, 22, & paf~
fim

AN
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Marus$zed Divifrte: 7
fim Corollarinm , {eu porifma , denique
cft,quod protenus ex faita demonftratione
tanquam lacrum aliquod additum,feu son-
feQarium accipitur; vevidere eft Iib. 2. pro-
pof. 4.& paffim,

Cum omnis awtem do&rina, omnif§ue
difciplina ex praexiftente cognitione gig-
- matur, atqueex affumptis, & conceffis qui-

bu(dam principijs fuas demontftrat conclu-
fioaes: Nulla autemfcientia, tefte Ariftote-
Ie, fua principia demonfirot; habebunt &
Machematicz difcipline {wa principia, ex
quibus pofitis, & conceflis (ua Problemata,
& Theoremata confirment. Horum antem
tria {olum genera apud Mathematicos re-
perinntur. Quorum primum genus conti-
netydefinitiones, quas nonnulli Hypothefes
appellant, vt pun&um eft, cuius pars nulla
oft. Secundum genus comple@itur petitio-.
-mes,{ea poftulara, quz perfeadeo perfpicua
funt, vtaulla confirmationc indigeant, fed
auditoris duntaxat affenfum expofcant , ve
poftuletur, vt 2 quouis pun&o inquoduis
pun&um, re@am lineam ducere conceda-
tur. Tertium denique genus comprehendit,

Axiomata, feu communcsanimi notiones,

quz non folum imfcientia propofits, fed ct-
fam in alijs omnibus vique adeo euidentes
funt, vt ab cis nullaratione diffentire queat
#, qui ipfa vocabula re&¢ perceperit , vt:

: 4 Qua



8 MaTHuEsEOS Divisto.

- Quz eidem zqualia , inter fefuntzqualia,
Veram fecundum nonnullos principium’
formale duplex exiftit, nempe indemonfira.
bilefeu facilé, ve dcfinitio , poftulatum , &
axioma;demontftrabile, vt Problema, Theo-
rema, & omnis propofitio. Principium ve-
10 materiale eft punGum, linea, &c. Vid. &
P. Chriftophoras Clauius, nobiliflimus Ee.

Iementorum Euclidis Interpres..Co-
. loniz Agrippinz,anno1607.
© 2 "8 Iunij,



DEFINITIONES

r. _
Vus&umeft,cuins parsnulla eft.

2.
Linca verd,longitudo latitudinis cxpers.

vl m
J' : ) & turua

: 3
Linex autem termini, funt punQa.

Re@alincactt , qua ex zquo {aa interiacet .
punéa,

S
Superficies eft quz longitudinem latitudi-
aemdque tantum habet,

‘h




fo EVCLID.ELEM. GEOM. i
6.
Superficici extrema funtlinez,

7.
Plana (jiperficies eft, quz ex zquofuas in-

YK

Plagus angulus eft dnamm linearum ia pla-
06 (e mutuo tangentium , & aon indircd
iacen-
tium .
alteﬁ-

us ad -
alterd

i!di- i —

natioc.

HY

9.
Cim autem quz angulam continent linex,
re@zfucrint, reilineus ille angulusappel-
latar,
T0.
Cim vero rea linea fuper reGam confi-
ficaslineam, eos qui funt deinceps, angt:los
=quales inter {c fecerie ; reétns cft veerdue
: =qua-



LIBER 1L i
equalium angulorum : quz infiftit re&ali-
nea , perpendicularis vocatar eius, cuiinfie
. g,

.li%/ /.g .

u.
Obtulus angulus eft,qui reGo maior eft,

X
Acutus verd,qui minor eft re@o.
i ,

Terminus eft, quod alicuins extremum eft.

Y4,
- Figura eft, quz fubaliquo,vel aliquibus terg
minis comprehenditur. '

' 15 )
Circulus e, figura plana {ub vna lineacom.
prehenfa,qua peripheriaappellatur; ad qui

ab vno panéto corum , qu® intra ﬁgu‘x:am
' unt



n EVCLID ELEM. GEO“.

fuat po- o~

fita,ca-

dentes / \
omnes - tem +

re@z li-

nex in-
ter fe

funt equales,

: $6.
Hoc vard punam, centrum cxrcuh appcl-
latur.

17.
- ‘Diameter autem circult, eff re&a quzdam
linea per centrum duda, & ex veraqueparre
in circuli peripheriam terminata,, qua cir.
culum bifariam fecat.

: 18. /
Semicircu’us vero oft figura, quz contine-
tur{ub diametro & fub ealinca, que de cin
culi peripheria aufereur,

R e linez f gurg (unt,que f'nbtc&u lineis
contineniur,
20.Tri-



20, Trilaterz quidem,qux fubtribus,
L -
Quadrilaterz,qua fub quatuor.
22

Multilaterz verd que fub ploribur, quim
guatuor, rectis linets comprehenduntur,
23.
Trilaterarnm aurem fgu.-
rarum, zquilareram cft
tmngulu n, quod triala-

terahaber zqual.a.
Ifofce! 4
ofceles - -
autem -eft, ﬁ” i"
"quod duo o
tantdm 2

qunlia ha- i
bet latera,

29,
Scalennm
verd eft,
quod tris

Iz«




~ ¥4~ EVCLID. ELEM, GEOM,
_ inzqualiahabct latera,
1 ‘26 .
Adbzc etiam, trilaterarum figurarum, Yo
&angulam quidem triangulum eft , quod
. te@um angulum habet. ,

27,

Amblygoniom autem, quod obtufum ags
gulum habet, \ .
28,

" Oxygonium verd, quod tres habet acutos
angulos. - _
P o

Quadrilaterarum autem figurarum , qua.
dratom quidem eft, quod & zqullatcrum,
& retangulum eft,

.

B

30;

Aleera verd partelongior figura eft, qua re.
&angula quidem,at zquilateranan eft.
3t.Rhomyg
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3L
Rhom- |
bus au-
tem,
que ¢-
quila-
tera,

fed rc&angula mon cft.

’ .
Rhomboides verd,qua aduerfa & latera, &
angulos habens inter {ezquales, neque %<
quilatera ct,neque re&angula,

3.
Prazter '
has au-
tem,re- &%t %
liquz .
quadri-

Iaterx figura, trapeziaappellentur,

34.
Parallcle re&tz linex funt,
quz cim in eodem ﬁntplac.__._.......__.
n0 & cxvtraque parte in in-
finitum producantur, in neatram fibimo.
tuodincidant.

3.
Pa rallclogrammum eft figura, quadrilatera)
cuius bina appofitalatera fant parallela, feu
zquidiftantia,

36.Cim
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" 1¢ EVCLID. ELEM. GEOM,
A B

H

D <
3‘.

Cim verd in parallelogrammo diameter
dula fuerit, duzg; linez lateribus paralle-
lx {ecantes diametrum in vno codemdgae
pund&lo, ita vt parallelogrammum ab hifce
paralldisin quatnor diftribuatur parallelo-
gramma; appellantur duoilla, per quz dia-
meter non tranfi, complementa; duo verd
reliqna.por quz diameter incedit, circadia-
metrum confiftere dicuntur,

A ¥ B

o ¢

D ¥ C

Petitiones fiue Poftulata, -
S L B
Poftuletyr, vt 2 quouis pun&o in quodois

pun-
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' B

A C
D
pun&um, re&am lineam ducere c0nccdg.

tur. 2,
A B C D
Et rc&am lineam terminatam in continy.
um recta producere.
N

Item quouis centro , &
_interuallo circulum de-

fcribere.

B C D
4. P
Item quacunque magnitudine data, fu-
mi poffe aliam magaitudinem vel maio-
rem, vel minorem,
Communcsnotioncsf' ucaxioma,

Quz cidem 2qualia, &mtcr ﬁ:funtzqua—

lia, 2.
Et, fi 2qualibus zqualia adic&a f' nt,tota
ﬁmtzquaha 3.

Et, fi ®qualibus zqualiaadic&a fint, qua

rclmquuntur ﬁmt #qualia,
4 Et,
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-Et,fi inzqualibus zquaha adxc&a {int, tota
funt ingqualia.

f
Et,fiab inzqualibuszqualia ablata fint, re-
* liquafunt mzqualla

Et,quz eiufdem duplicia funf, inter (e funt
~@qualia, .

7.
Et quz c;u(’dcm {unt dumdxa inter fe -
,qualxa {une,

8. -
Et quz fibi mutuo congruunt, ea inter fe
funt zqualia.

9
Ettotum fua partemains cft.
10,
Duz lincx reftenon habent vaum,& idem
{egohentum communc. .
A

[

*q

- 1
Duz linex re@&z in vno pua&o concur-
rentcs,

-~



LIBER L 19
rentes, fi producantur ambz, neceffario {¢
.mutud in eo pun&ointer(ccabunt,
12.
Ftem,omnesre&ianguli funtinter (¢ zqua.
les.

n.
Et, {1 in duas reGas l?ucas altera re&a inci-
dens, internos, ad ealdemdue partes angu-
los , duobus reétis minores faciat; duz 1lla
re&z linez ia infinitum produde ibi mu-
tno incident ad cas partes, vbi funtanguli
duobus re&is minores.

14. .
Duz re&z linez {patiumnon comprehen.
dunt,

15.

Si zqualibusinzquatiaadijciantur,, eritto.

torum exceflus, adieGori exceflui 2qualis,

16.

$i inzqualibes ®qualia adiungantur , eri¢

totorum exceffus, exceffui corum, quz 3

principio erant, zqualis. .
B 2 17.81



20 EVCLID, ELEMEN, GEOM.’
17.
Si ab aqualibus inzqualia demantur, erie
~ refiduorum exceflus;excefflui ablatoram -
qualis,
18.
§i ab inzqualibus ®qualia demantur, erie
refliduorum exceflus , exceflui totorum -
qualis.
l L
Omue totam zquale eft omnibus fuis par-
tibus fimul {umptus,
t0.
. "Sitotum totius eft duplum, & ablatum ab-
Tati;erit & reliqnum reliqui duplum.
Problema 1, Propofitio 1,

Super o ’ e
data f%
recta

linea D
termi-

nata, .
trian- %
Problenma 2. Pro-

pofitio 2.
Addatun pun&um,da

te reéte linece, ®qualem 1
. \
re&um lineatn yoncre.
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Problema3. Propo-
: fitio 3.
Duabusdatis reis li
neis inzqualibus, de ma-CI A
%rc @qualem minorire-
am lhnecam detrahere, ©

: 4

Theorema 1, Propofitio 4.

Si duo triangula duolatera duobas Jateri -
bus zqualia habeant,vtrung; verique; habe-
antvero & angulum angulo zqualem (ub
zqualibus re&is lineis contentum : & bafin
bafizqualem habebunt; tritg; triangulum
triangulo zquale,ac reliqui anguli reliquis
angulis z§uales crunt,vterque vtrique,fub
quibuszqualia latera fubteaduntur.

JAWAN

Theorema 2. Propo-
pofitio§.
I(ofeeleum triangulo-
rum, quiad bafim fuot -
anguh,mtcr fesitequa- ¥
les; &fi vlteﬂusprodu-
&z fint zquales ill re-
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&z linez, qui fub bafi fant anguli, inter (6
zqualcs erunt, .

Problema 3. Pro-
pofitio €.
Si triangnli duo anguli
xquales inter (e fueriat,
& fub 2qualibus angulis
{ubtenfa latera xqualia
inter fccrunt,

-Theotema 4. Propofitio 7.
Super eadem re@a linea, duabus cifdem re-
&is lineis aliz duz re@= linex xquales, v-
traque vtrique, non confticuentur, ad aliud
atque
aliud
pun-
&um,
ad caf-
dem
par- .
tes, cofdemque terminos cum duabus mi-
tio du&is reétis lineis habentes.

Theorema . Propofitio 2.
$iduo triangaladno latera habneruat duo-
bus lateribus, vtruaque vtrique, zqualia:
habuerunt verd & bafim bafi 2qualem: an«
gulum quoque fub zqualibus reis lineis
contentum angulo xqualem habcbuni;
) 10~
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LY ENY
€

- Preblema 4., Propo-
‘ fitie 9.

Datum angulum re&ili-
ncum bifariam fecare,

r
Problema ¢. Pro- % g ?;

pefitio 10.
Datamre@amlineamfi- |
nitam bifariam f{ecare, »:

D

Preblema ¢, Propofitio 11,
Data :
refta r
linea, ‘,’;ﬁf % '
i pun- '
&e in
co da-
to, re- £

Gam lincamad angules rc&os excitare,
B4 P
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Preblema 7. Pro-
pofitio1a.

Super datam re&am Ii-
neam infinitam, a3 dato
pun&to, quod in canon A
eft, perpendicularemre- ,
damdeducere, ' .

. Theorema ¢.Pro- 73
pofitio13. :

Cum reéta linea fuper /

re&am cofiftens lineam
angulos facit , aut duos 4~ |
re&os, aut duobus re&is v
zquales efficiet.
‘Theorema. Propo- 4
fitio14. “%t %’*"’
Si ad aliquam re&amli-

, neam, atq; ad eius pun- '
&um , duz rede lince o é 5
non ad eafdem partes
du&z,eos, qui funt deinceps, angulos duo-

bus re&is zquales feccrmt,mdlrc&um erit
inter {e ipfe reGta lince. -

Theorema 8. Propo-

fitio 1g
Sidugredte lmeg femu-
tuo fecuerint , angulos,
quiad verticem (unt, -
qualesia ter fe cﬂicxent.

Thco-
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Thcorema 9. Pro- .
pofitio 16, ‘*‘\A ¥ %
Cuinfcunque triangunli
voo latere produéto, ex-

ternus angulus veroque
interno & oppofito ma-.
orefl.. d

‘Theorema 10.Pro-

pofitior7.
Cuiufcunque manguh
duo anguli duobus re- .
&is funt mmorcs,omm-
fariam {fumpti, .
Theorema 11, Pro-
pofitio.18.
Omnis trianguli maius ' ;

latus maiorem angulum
fubtendit.

Theoremar2.Pro- ¢
pofitiory.
Omnis trianguli maior
. angulus maiori lateri
fubtenditur,

: B
B g Theo-
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Theoremai3. Pro-
pofitio 20, ?(;'
Omnistrianguliduola-
tera reliquo fant maio-

ra, quomodocunque af
fumpta.

- Theoremaiy: Pro- o

poﬁtlo 21,
$i faper trianguli vno
Iatere, ab extremitatibus
-duz re&zlincz,interius
conftituts fuerint ; ha B

cenftitutz reliquis tri-

anguli duobus latcrlbus minores quxdem

erunt; maiorem verd angnlum continebit.
Problcma 8, Propofitio 22,

Ex tribus
reis li- /)‘DL
ncls, que
. fant trib. © 2
datis re- -
&is lineis B

zquales,
triangtlum conﬁltuere. Oportet autcm :
duas reliqua effe maiores omnifariam fum-
ptas: quoniam vnufCuinfeue trianguli duo
latera ompifariam fumpta, reliquo funt
maiora.

Pro-

wia
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Problema 9. Propo-

© fitio a3. ? £
Ad datam re&am linei,
datamg; in eapunétum, ~
dato angulo retilineo B\ *
zqualem angalumre&i- [ .

lineum conltituere.
Theorema 15. Propofitio24.

Si dao A -
trian. ﬁ '

ula

ﬁuo la- &
tera du-
obus la- ¢ E ¢

teribus =

¢qualia habuerint,vtrumgq; vtrig;,angulum
wverd angulo maierem {ub ¢qualib.reis li-
neis corentli: & bafin bafi maioré habebt.

Theorema 16, Propofitio 2.

Si duo triangula duo latera duobus lateri-
bus zqualia habuerint, vtrunque verique;
bafin ve_ . ‘0 o

rd bafi

maior€: ~

& angu-
glm fub

quali,

bus re-. ’F B. o
&is lincis contentum angulo majorem ha.
bebuant, . - ’

Theo-



&

'Si in duas re@as lincas re- A=

28 EVCLID. ELEMEN. GEOM.
Theorema 17. Propofitio 26.

Si duotriangula duos angulos duobus an-
gulis zquales habuerint, virunque verique;
voumdue latus vai lateri 2quale, fiue quod
@qualibus adiacet angulis, {eu quod vni -
qualium aagulorum fubtenditur: & reli-
qua latera '
reli-

quisla. <

. D
teribus ¢ %

2qua-

lia,v.

trung;

vtricg 3

& reliquam angulum reliquo angulo ¢qua-

lem habebunt,

Theorema 18. Propo-

fitio 27. : A

&a incidens linea alterna-

~ tim angulos equales inter ¢

{e fecerit ; parallelz ernnt
1ater e illz reGz linez. .
Theoremaig. Pro- E
propofitio28. - :
Si in duoas retas lineas x
refta incidens linea, ex-
ternum angulum inter- ¢
no & oppofito, & ad eaf-
dem partes, 2qualem fe- X
. cprit,
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cerit,aut internos, & ad eafdem partes duo-
busre&is zquales:- parallelz crunt inter (o
iplz retz linez.,

Theorema 2o, Pro- ®
- pofitio 29,
Yo parallelas redas lineas .
re&aincidens linea; & al-
ternatim angulos inter fe "

squales efficit , & exter-

num interno & oppofi- 5

to,& ad ea(dem partes ¢qualem, & internos,

?afi cafdem partes duobus reétis zquales
acit.

Theorema 21, Pro-
pofitio 30. =
uz eidem re@z linez, g
parallele, &inter fe funt
?arallelz. c

Problema 10. Propo-

fitio3l. :

A dato puncto datae re-

&= lincz parallelam re-
&amlincam ducere.

Theorema 22. Propo-

fitio 31 o

Cuinfcunque trianguli voo lat:realrerus

PI'O.-
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produdto:exterhusangu.  x o
Ius duobusinternis & op- z?g

pofitis eft mqualis. Et tri £
anguli tres interni anguli

duobus funtreitis mqua-

Ies.
=}

Theorema 23. Pro-

pofitio 33.

Re&zlinez quz zqua- B ,
kes & parallelas lineasad

partes eafdem coniun-

- gunt, & ipfzzquales &

parallelzfuat, ;

/ Theorema 24 .Propofitio 34.
" Parallelogrammorum
grammo %%0 a

fpatiorum ®qualia funt B

inter {€;, quz ex aducrfo, Sﬂ
& latera,&anguli:atque )
illa bifariam fecat dia- n uﬁ
meter, ’

Theoremaay.Pro-
pofitio 3.
Parallelogramma fuper
cadem bafi, & in eifdem
parallelis conftitutainter

fe funt zqualia,
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‘Theorema 26, Propofitio 36,
Parallelogramma fuper zqualibus bafibus,

in eif-

déPa- 1—*? E :
ralle- |
Yis co- iq’ .
fticuca
inter
fefant B c F [
alia,
q"l"heoremazy. Pro- E_A ©
. pefitio 37.

Triangula fuper eadem
bafs conftituta, &ineil-
dem parallelis , inter e
funt zqualia. B C

Theorema 28. Pro- ¢ A D w
pofitio 38.
Triangula fuper 2quali-
bus bafibus conftituta,8&
in cifdem parallclis, ia-

ter (e funt aqualia,

THeorema 22, Pro-
pofitio 3.,
Triangula zqualiafuper
cadem bafi , & ad caf-
dem partes conflituta: -
& in eifdem funt paral-
lelis,
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Theoremaso.Propo- o
\ fitio 40.

Triangula gqualia fuper

equalibus bafibus,& ad

ealdem partes conftitu- A

ta, &in ci{dem funt pa-
rallelis, e

Theorema 31. Propo- ' ..
fitio 41. :

Si parallelogrammum cum triangulo esa-
dem bafin habuerit, in
_eifdemdue fuerit paral-
lelis , daplum erit paral-
Ielo grammum ipfius tri-

anguli, B <

Problema 1. Propo- F

ﬁtio 4.2- %:- %
Dato triangulo 2quale l
D

E

parallelogrammum con-
ftituere in dato angulo
re&ilinco.

Theorema 32. Propo-
ficio 34.

In omni parallclogrammo,com plimenta
corum,



LIBER L -~ 3
eorum,quz circa diame- A .

[ " D
tram funt,parallclogram- /
merum , iater {6 funt <% . ¥
qualia, 1 F '

B Q <

Problema 13. Pro-
pofitio 44.

Addatam re@Gamlineam, . L .
dato , triangulg , zquale LS

parallelogrammum ap- 1rE o
plicare,in dato angulo re-
&ilinco,
M
' HA '
Problema 13. Propo-
fitio 47.

Dato retilinco, zquale parallelogrammum
conflituerein dato angulo re&ilineo.
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Problema 14. Propo-
fitio 4¢6.

A data re@a linea qua-
dratum defcribere.

Theorema 33. Pro-
pofitio 47.

Inre&tangulis trlanguhs quadratum, quod
alaterere@um angulum

fubtendente defcribitur, 5’3'
zquale eft cis, que d late- /&

. .
ribus re&um angulum BT\
continentib, defcribun- a&;
tar,quadratis, |

Theorema 34. Propofitio 43.
Siquadratum, quod ab voo laterum trian-
guli defcribitur, zquale »
fiteis, qui a reliquis tri- %
anguh lateribus defcri-
buntur,quadratis: angu-
lus comprahenfusfubre-
liquis duobus trianguli

latcnbus,re&us eft. ‘
FlNIS ELEMENTI L

‘ EVCLI-

I ~

\
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EVCLIDIS

ELEMENTVM
SECVNDVM,
DEFINITIONES.

L _

' Omneparallelogrammum A
rc&aagulum contineri di-
citur (ub re&is duabus li-
neis, que reGum compre- §
headuat angulum,

[} 2.
In omni parallclogram.-
mofpatio, voum quod- [
libet eorum, qu: circa f@
diametrum illius funt, &9
parallelogrammorum,
cum duobus comple-.
mentts, Gaomon vace-
tur,

Theoreman. Propdfitior,

si fucrmt duz re&zlinez, feceturd; 1pﬁrﬁ
atcrain quotcunque fegmenta re&an gulti
3 . om-

1
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comprehenfum fub illis 20
duabusre&is lineis,cqua- |
18 eft eis, qua (ubinfedta | - |

& quolibet fegmétorum
comprzhenduntur |, re-
&angulis,

Theorema 2. Pro-
~ pofitio 2.
Si reéta linep fe&a fit vt-
cunque: re&angula, que

X L. H
l-i-n
¢ _ B

fub tora , & quolibet (eg- L

mentorum comprxhen-

]

duntar, zqualiafunt ¢i,quod. 4 toto fit,

quadratq.

Theorema 3. Propefitio 3.

Si re@alinca fe@a fit vecungue reGtangn.
lum fub teta, & vno fegmentorum ¢pm-

prazhenfum, equale eftil- A

[of

'1i, quod {ub fegmentis co6- |’
prehendicur triangulo, &
1li, quodd predi&to feg-

e

-~

mento defcribitur 7 qua- F
drato. A

D

. Theorema 4. Pro-
' pofito 4.

G

Si re@a linea feda fic ve- ']
cung; quadratum, quod
a toradefcribitar, equale
cft & illis,qua & fegmen-

AN

.’

T
tis
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- tis defcribantur , quadratis ; & ei quod bis
fub fegmentis comprehenditur y rectan-
ulo. ‘
& Theorema 5, Propofitiof. -
Sire&a linea fecetur inzqualia , & pon -
qualia:reGtangulum {ub inzqualibus fcg-
mentisto- “ '
tius com-
prehen-
fum, vni Kl
cit quadra ’
to, quod g"
abinter-
media {e&ionum, squale eftei , quod a di-
midiadefcribitar,quadrato,
~°  Theorema 6. Propofitio6.
Si re&a linea bifariam fecetur , &illire&a
quzdam lineain reGum adijciatur ; re&tan-
gulum comprehenfum fub tota cum adie-
&a,&adieta,vadcum ; - B
quadrate 3 dimidia, z-
quale eft quadrate A li- LN »
nea, quz tum ex dimi- ™ o/
dia,tum ¢x adie&a com- a2
ponitur, tanquamab v.
na defcripto, .

Theorema 7, Propofitio7, . - -

SireQalinea fecetur vicunque;quod d tota,
C3 quod-
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quodducabvnofegmen- 8__ ¢ A
torum, vtraq; fimalqua- V"
drara, zqualia (unt & illi, ¢ [N\
quod bisfubtota,& dicte ‘
fegmento comprehendi-
tur,re&é’gulo;& illi quod
3 reliquo fegmento fit,
quadrato. .
Theorema 8. Propofitia8.
Sire@alinea fecetur vtcanque ; reGanguli
* quater comprehenfum
fub tota, & vnofegmen-
torum, cum eo quod 3 Iz
religuo fegmeéto fir,qua- LV
drato.gqualeeft ¢i, quod .
Atora,& gii&b {egmento,
tanquam ab voalineade-
{cribicur, quadrato,
Theorema 9. Pro-
pofitiog.
Si re&a linea {ecetur in
®qualia & non zqualia: _
quadrata, que ab ina-
qualibus totius fegmen-
t1s fiunt, fimul daplicia
funt,& eius,quod & dimidia,&eius,quad ab
rater media (e&ignuma fit,quadratorum,
Theoremaip. Propofi-
' tio to0.
Sire@alinea fecetnr bifarid ; adijciaturait
o S ciin

b

B

v c B D
3
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ei inre&i quepiam reta
flinea: quod atotaciad-
inéta,& quod abadiun-
&a, ytraque fipul qua- 4 ‘ D
drata; duplicia funt, & e-*
ius, quod A dimidia, &e-
15, quod a compofitaex
dimidia & adiun&s, tanquam abvna, de-
fcriptum fic,quadratornm,
Preblema 1. Prapofitio 1.

Datam re@am linei fe-

care, vt comprzhéfum 2p
fub tota, &altero feg-

mentorum retangu- ™
Jum,zquale fitei,quod
areliquofegmentofit - * ¢ F
guadrato., ’

Theorema 11.Propofitio 12.
In amblygonijs triangulis,quadraei, quod
fitd lacere angulum obtufum (ubtendente,
maius cftquadratis , qua fiunt 4 Jateribus
-obtufum angulum comprehendentibus;re-
&angulo bis comprzhenfo,& ab vno late-
" rum,que funt circa obtuy B
fam angulum , in quod @)
sum protralum fuerit,
cadit perpendicularis, &
abaffumpta exterius linea
fub perpendiculari pro-

peangulum obtt'xfuné : \ Theo-

2
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' Theorema 12. Propofitie 28, .
Yo oxygonijstriangalis,gnadratum 3 latere
" angulum acutum fubtendente, minus eft
quadratis,quz fiont latcrlbusacutum an-
gulum comprehenYentipus; re@angulo bis
comprehenfo;& voe laterum,quae funtcir-
caacutumangalum, in

‘quod’ pcrpengdxculans '35‘
cadit, & abaflumptaia-
terius linea fub perpen-
dicolari prope acutum
angulum. ;

Problemaz Pro- Q‘% 6‘@

pofitio 14.

Dato redtilineo »qua-

le quadratum: conftita-
ere, : g

™

- FINIS'ELEMENTI II,

EVCLL
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EVCLIDIS

ELEMENTVM
TERTIYM..

DEFINITIONES.

.
.

Ay

Acqualcs circuli funt , quorum diametri

funt -
quales; | £ /%_,a\
vel quo- < \
rum, y
quzex :
centrls, \\ J \ .
relta k™

linex (unt zquales.

2.

Re&talinea circulom fan-
gere dicitur , quz cim
circulum tangar ; fipro-
ducatur , circulum non
(Ecat

/

N -C s ’ 3.C1:r-,.
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N
Circuli
fefemu’

“gere di-
cuntur:
qui {ele
muatuo tangentes, {efe mutuo non fecant.

| 4 '

In circulo zqualiter diftare 3 centrore@2
linez dicuntur,cum perpendiculares , quz
A centro in ipfas ducnatur, funtzquales.

Logius o~

autem | -
gbefle , \

il.la di- 7
citur, } o
in qud
maior v/ _ \.—«/
perpendlcuhrls cadlt :

: Segmcntum cnrcuhc& fi- -

gura, qua fubre&ta lmea, —
" &circuli periphetia cos - %’
prehcnduur .

chmcntx autem auéulus oft y qui fUare@a
linea ~
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linea , & circuli peripheria comprehendi-
tur.

: 7. , ,
In fegmento autem angulus eft,ciminfeg-
menti petipheria fumptum fuerit quodpi-
am pun&um, & abillo
in terminos re@z eius
linez que fegmenti ba-
fis et,adiun@= faerint,
re&z linez: is, inquam,
angulus abadiunéis il-

Jis lineis comprehenfus.

Cim vero comprehen-
dentes angulum re&=li-
nez aliquam affumit pe-
ripheriam, illiangulusin-
fiftere dicitur.

Setor autcs;_n circuli eft,
cum ad ipfius circuli cé-
trum conftitutus fuerit
‘angulus , comprehenfaf
nimirum figura, & i re-

&is lincis angulam con-
tinentibus, & 3 periphe-
rizab illisaffumpta. ~

10-
Similia circuli fcgmenta funt, quz angulos
: . capuunt

]
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capiuat .

zquales

aut in

quibus + -

anguli Qﬁ , c”“‘gt v
inter (= U k“"/

funte-
quales.
Problema 1. Pro-
pofitio 1.,
Dati circuli centrum res
perire,

Theoremar. Propo- -
fitio 2.
Si in circuli peripheriaduo
quelibet pun&aaccepta fue-
- rint; re@alinea, queadipfa
pun&a adiungitut,intra cir-
‘culum cadet.
Theorema 2. Propofitie 3.

. 8i in circulo re&a quazdam linea per cen-
‘trum extenfa quandam

c
_non per centrum exten- ﬁg
A

fam bifariam fecet : & ad
angulos reétos ipfam fe.
cabit:Et fiad angulos re- *
&Qos eam f{ecet, bifariam

- quoque eam fecabit,
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Theorema 3. Pro- '

pofitio 4+
Siin circulo duz re@e li-
acz fe(e mutuo fecent, 06
per centrum extenfz; {efe »
muotud bifariam aon fe- 3G
cabunt, )

Theorema 4. Pro-

pofitioy.
Siduocirculi (efe mutud TF X
fecent ; non erit illorum
idem centrum,

Theorema . Pro- c_
pofitio 6.

Si due circuli fefe mu-

tuo interius tangent, co-

rum non erit idem ¢en- A

trum.

Theorem3 6. Propofitio 7.
Siin diamerfo circuli quodpiam fumatur
punétum, qued circnli centrum aon fit,ab
cod; puncto in circulum A
quzdam re@= linea ca- B
dant ; maxima quidem
erit €3 in qua centy{y; mi-
nima vero reliqua; alia-
rum verd propiaquior
illi, qua per centrum du- -
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¢itur, remotiore (emper maior eft. Duz au-
tem folim re@a lince 2qualesab ecodem
punéo incirculum cadunt, ad virafq; par-
fes minimz,vel maxima,

Theorema 7. Propofitio 8.

Si extra circulum {umatur pun&um quod-
piam,ab cojue pun&o adcirculum deda-
cantur re& quedam linez, quarum v
quidem per centrum protendatar, reliquz
'vero vt libet:in cauam peripheriam caden-
tium reGarum linearum minima quidem
eftilla, quz per centrum ducitur: aliargm-
autem propiaquior ei,
qu per centrum tran-
“fit , remotiore femper
maior eft: in conuexam
verd peripheria caden-
tium re&arum lineard
minima quidem eft il-
Ia, quzinter pun&um,
& diamerrum interpo- ¢
_ mitur : aliarum autem,
ea,qu propinquior cft ¥
minimz , remotiore ;
femper minor eft. Duz . a
autem tantdm re&z line2 zquales ab co
pun&o in ipfum circulam cadunt,ad vtral-
que partes minimz,vel maxime, '

~

)

. Theo-

\
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Theorema 8., Propofitio 9. .
Si fn circulo acceptum fuerit pun@um ali- -
gquod, &ab co pun&oad circalumcadant
plures,’ .
quam-
duz,re-
- & li-
ace -
quales;
acceptil
pun&um centrum cﬁ ipfius circuli.

Theorema 9. Propofitio ro.’

Cn-cu-

punisnon fecat, .

Theorema 1o, Propoﬁuo 12
Si duo

circuli
fefe in-
tas c6-
tinght, .
atque
acee- -

[T
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fugriat eorum contra; ad eorum centra ad-
iun&areétalinea,& produa,incéra&um
circulorum eadet.
Theorema 11, Propofitio12.

Siduo circuli(efe exterius contingane,linea
reéta,
quz ad
centra
corum
adiua-
gitur,
pereon-
tatum illum cranfibit.

/Theorema »2. Pro.

pofidon3.

Circulus circulum non
tangit in pluribus pun-y
&is,quam vno,fiuc intus
fiue cxtratangaz, |

Theorema 13. Propo-
. + - fitio 14.

In circulo 2quales retz
linez zqualiter diftant 3
ceatro. Et quz zqualiter

~diftant a centro , 2quales
funtimer .
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- 'Theoremai4. Pro-
pofitio 14.
In circulo maxima qui-
dem linea eft diameter:
aliarum autem propin-
quior centro, remotiore
{emper maior,
Theorema 14, Propofitio 1¢.

Qu= b extremitate diametri cuinfque cir-
culi adangules reQes ducitar,extra ipfum
circulum cadet ; & in locum inter ipfam
re&am lineam, & peri-
pheriam comprehéfum,
alterare&alincanen ca-
det, Et femicircaliqui- ®
demangnlus quouisan-
gulo- acuto reilinco
maioreft,reliquusautem
minor,

Problema 2. Propo-

fitio 17. -

49

A dato pun&o re&amg
lineam ducere, quz da.
tum sangat eirculum.

Theorema 1€ . Propo-
pofitiord.

Si circolam tangatre@a quapiam linea , 3
. D ccnqo

L]
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A

Centre autem ad conta-
&um eadiungatur rea
quadam linea : quz ad-
fun&a fuerit , ad ipfam
centingentem, perpendi- §
cularis erit.

Theorema 17.Pro-
pefitio 19. s

8i circulum tetigerit re-
&aquxpiam linea, 3 con.
ta&n autem refla lineaad
angulos reétes ipfi tam
genti excitetur;inexcitaes
_ eritcentrum circuli.

Theorema 18. Pro- A
_ pefitio ao.
In circulo, angulas ad
centrum duplex eft an-
guli ad peripheriam,cim
fuerit eadem peripheria
bafisangulorum.

Theorema19.Prepo-
fitio 21,
In circulo, qui in eodem
{egméro funt, anguli, funt
interfezquales,

" Theeos
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‘Theorema 30, Pro-
~ pofitio 2a.
Quadrilaterorum in cir-~
culis defcriptorum angu-
, I1, qui ex aduer(o, duob,
. re&is funt zquales.

Theorcma 21, Pro-
pofitio 23.
Super cadem re@a linea
duo fegmenta circulorum
fimilia , & inxqualia non
' con&imentu‘:x:d cafdem %
partes.

Super
‘ wequali-

busre- /\ '
" &s li-
-exs,ﬁ

cm:u— ]
lorum fegmenta,{unt inter fezqualia,

\ Preblema 3. Propofi-
tio af,

! ercuh fegmenty dato, defmbcrc cireuld,
© D a3_ cuius
)
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~ cniuseft fegmentum,
2 we
) ) < | .
V2N
B L
A b ¢ X D <

Theorerna 23, Propofitio 26.
In equalibus circulis,zquales anguli equa-
libus ' Y .
peri-

isinfi
ftunt,
fiue
ad eé-
tra, fiuc ad peripherias conftituti, infiftant.

Theorema 24. Propofitio 27,

In zqualibus circulis,anguli,qui £qualibus
periphe x
rijs infi-
ftuat,
funt in-
ter fex-
quales, B
fiuead / :
centra, fiuead peripherias conftituri, infi-
ftame, o

Theo«
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Theorema 2¢. Propo-
fitio 28.

In 2qualibus circulis, zquales re&t linew,
zquales
periphe
rias au-
ferunt;
maioré
quidem %= K
maiori, H
minoremautem minori.

Theorema 26. Propoﬁtxoz,.
In¢qua. e
lib. cie-
culis z-
quales
periphe.
tias , - B\ o O
quala
rc&= lincz fubt endunt,

Problema 4. Propo- _
fitio 30, P ’%’ 2 %

Datam peripheriam bi-
fariam fecare, A <

Theorema &7, Pfopoﬁ.
tio 3.
s circalo angulus, quiin femicircule, res
- D 3 &us
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&us eft:qui antem in maiore fegmento, mi
gor re@e:quiverdinmi- -~ 3
nore fegmento , maior
cft re&o. Et infuper an-
gulus maioris fegmenti, -
re&o quidem maior eft,
mineris autem fe t1
angulus, minor cft re&o,

Theorema28. Propofitio 32.

~ Sicirculum tetigeritaliqna re@alinea, 3 co.
ta&u sutem produeatur
quzdam re&a linea cir-
calum fecds: anguli, quos
ad contingentem facit,z-
quales funtijs,qui alternis
circuli fegmentis confi-
ftuat,angulis, "

Problema ¢. Propofitio 33.
\ Super data refa linca defcribere fegmenti
- circali,qued capiatangulum squalem dato
angulore&ilinco =~
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Problema . Propo-
‘fitio 34.
A datocirculofegmen-
tum abfcindere, capiés
angulum gqualem dato
anguloredtilinco,

Theorema 29, Propofitio 3¢
Si in circulo duz re@x lincx fefe mutud

fecuerint; reamgulum comprehenfum fub
fegmen-

mvnlu‘,

zquale

cﬂ el,
ub feg-

mentis .
altcnus¢omprchcndtm_',rc&mgulo. -

Theorema 30, P?opoﬁtio 36,

$iex- <2 A Coa
tr;lcir- YA : ;\
culum ‘

- fuma- ’ A

tur pii-

&aali- - ' :

quod,
abeog; incirculum cadant duzre@zlinee ;
quarumaltera quidem circulum focet, altera

‘ D 4 Vcl'a
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vere tangat: quod {ub totafecante,& exte-
rius inter pundum & contiexam periphe-
" riam affumptacomprehenditar ; re@angu-

lumjequaleerit ¢i, quod 4 tangente defcri-
- bitur,quadrato..

Theoremast. Propo- -
fitio 37,

§i extra circulum fumatur pun@um ali.
quod,ab coque pun&o in circulum cadant
~ dum re&= linex, quarum alteracirculum
fecet,alterain cumincidatficautem, quod

fub tota fecante, & exte- :
rius inter pun&um , &'ﬁl /‘ Pf

conucxam peripheriam

affumpta, co‘:npl?ehendi- 4‘
turrekangulum , @qua-
leei, qnod-ab incidente
defcribitur,quadrato;in-
cidensip(a circulum tangets

FINIS ELEMENTI IIL

EVCLL
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EVCLIDIS

ELEMENTVM
QVARTVM,
DEFINITIONES.
A .
Flgura re&ilinea- in
figura re&ilinea in-
{cribi dicitor,cum fingu.
H eius figure; quainfcri-
‘bitar,angali,fingula late-

ra eins,in quaigfcribitur, |
tangunt.

2.
Similiter & figura circum figuram defcribi
dicitur,quam fingula cius,que circumfcri-
bitur, Is-
tera fin-
gulose-
ius fign-
rz angu-
los teti-
gerint, L
circum quamilla defcribitur.

Figura re@ilineain cix:culo infcribi dicitar,

quum fingulicius figure, que infcribitur,
b gy - angue

-
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anguli tetigerint circuli peripheriam.

4.

Figura vero re&ilipea circa circulum de-
fcribi dicitur,quum fingala latera cius, qua
circumfcribitur, circuli peripheriam tan-

§. .
Similiter & circulus in figura reQilinea in-
fcribi dicitur , qui circuls peripheria fingu.
lalateratangit cius figurk, cui infcribitur,
v c.
Circulus autem circum figura deferibi di-
citur, quum cirenfi peripheria fingulos tan-
fit ciusfigur® , qwam circumferibit, angu-
0s. .

7
Re&alinea in circulo ds-
commodari, {eu coapta- /
ri dicitur , qugm cius ex-
tremain circali periphe-
riafuerint. ‘}

Rroblema1,Pro- -
, pofitiot.

In dato circnlo , re&am
jinéam accommedare -
qualem date re&tzlincs,
quz circuli diametronon
fit maior,
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Problema 2, Pro.
‘ pofitio 2. -
Indato circplo, triangn-
lum deferibere, datotri- /
angulo zquiaagulum,

Problema 3. Pro-
pofitio3.
Circa datum circulum
triangulum  deferibere,
dato triangule zquian-
gulum. ’%

Problema 4. Pro.
pofitio 4.

x
In dato triangulo citcu-
lum inferibere. A‘

: B
Problema 5, Propofitios. ]
Circa datum triangulum , cirewlum defcri-
bere. - ~

Pro-
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Problema 6. Propo-

fitio &,
8
In dato circulo quadra. WW
tum defcribere. i
Preblema 7, Propo- &
fito 7.
Circa 'datum circulum,
quadratum defcribere,
X @ =
X
Problema 8. Pro-
fitio 8.
po f 4
In dat6 quadrato circu-
lum infcribere, s

Problema 9. Pro-
pofitio 9.

Circa datum quadratq,
" circulum defcribere.
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Problemaio.Pro- - '
© pofitio 10,
Ifofceles trisngnlum ¢+
fitucre; quo habeatv&
trunque corum, qui ad %
baﬁt:] {uat, angul%rum, %
duplumreliqut. _
. Preblema a1, Propofitio 1.

In dato xr
circulo,
- pentago-
ai zqui-
latefum,
& zqui- § S
angulum
infcribere. ’

Problema 12. Propo.

fitie12, AN

€irca datum circalum, g q b’ Ya
peatagonum , zquilate-
rum & zquiangalum de. (‘L o
fcribere, =

Problema 13. Propo- 2
fitio 13.
In dato pentagone ¢qui-
latero, & equiangulo cir-
culum infcribers..
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Problems 32, Pro-
pofitio1s.

- Circa datum pentago-
sum 2quilaterum & z-
gumngulum circulum
efcribere,

Problema 1. Propofitiols.
. Indato circulo hexagonum &zthtcrum,
& zqmmgulum infcribere.

- Iadate cir-
sulo quin- -/
ti’ decago-p
aum & 2- /
quilaterd, €

- & zquian-

ulom de.
cribere,

FINIS ELEMENTI IV,
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EVCLIDIS

ELEMENTVM
QVINTVYM,
- DEFINITIONES

Pm et magmtudo magnitudinis mi.
o

r maioris,quum migor metitur ma.
iorem. 2.
Multiplex autem cf maior minoris, cﬁm
minor metitur maiotem,

3
Propertio,cft duaram magnirndianm ciuf-
demgeneris mutua quedam fecuadum qui.
ti talem habitudo.

Proportienalitas vets‘; et proportioﬁum fi-
militudo. -

-
Proportionem habere inter & ma
tudines dicuntur, quz poffunt muluphca-
ta {cfc murad (aperare,
6.

In ead® proportione magnitudises disiitur
effc, primaad fccundam, & tertia ad quar-
tam, cdm prima tertie wqué multiplicia,
i feclndz & quartz zqué mulciplicibus,

' qua-
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qualifcanquefit hzc multiplicatio, verun-
queab vtroque; vel vod deficiunt, vel vnd
zqualia funt,vel vod excedunt;fi ca fuman.
tor,qua inter fe refpondent,
7.

Eandem autem proportionem habentes

magnitudines,propcgtionalcs vocentur,

Cim verd zqué multiplicium, multiplex
primz magnitudinis exceflerit multiplicé
fecundz; at multiplex tertiznon exceflerit
multiplicem quartz : tunc prima ad {ecun-
dam,maiorem propertionem habere dice.
tur,quim tertia ad quartam, :

9
Proportionalitss autem in tribus terminis
pauciffimis confiftit.

\ 10, ,
Cim autem tres magnitudines proportio-
nales,fuerint,primaad tertiam,duplicatam
proportionem habere dicitur eius , qnam
haberad fecundam. At cim quataor mag-
nitudines propertionales fuerint, primaad
quartam, triplicatam proportioncm habe-
xe dicitur eius, quam habetad {ecundam:
- & femper deinceps,vao amplius, quamdiu
proportio extiterit, :

n
‘Homologz , feu fimiles proportione mag-
nitudiaes dicuntur, antecedentes quidem
ante-
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antecedentibus. , confequentes verd confe-.
quentibus. .

, 12; .

Alterna proportio, ¢ft fumptio anteceden,
tis ad antecedentem , & confequentis ad
confequentem,

13.
Inuerfa proportio , ¢ft fumptio confequen-
tis,ccu antccedentis,ad antecedentem, velut
adipfam confequentem, ‘

14.
Compofitio proportionis, cft fumptioante-
cedentis cum confequentc, ceu vnius ad
ip{am conftquensem.

15.
Diuifio proportionis , ¢ft {amptio exceflus,
quo confcquentem fuperat antecedens, ad
ipfam coniequentem.

: 16,

Conuetfio propottionis, eft fumptio ante-
cedentis ad exceflum, quo fuperat antece-
densipfam confequentem,

17.

Ex mqualitate proportio eft,fi plures duabus
fint magnitadines, & his aliz multirudine
pares,qua binz fumantur, & in cadem pro-
portione : quam vt in primis magaitudi-
nibusprima ad vitimam , fic & in fecundis
magaitudinibus primaad vlimam (efc ba-
bucrit,

‘ E Vel
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Velaliter, fumptio extremorum per fabdu.
Qionem mediorum. .

Ordinata propottio cft, cdm faerit, quem-

admodum antecedensad confequentem,ita

antecedens ad confequentem : fuerit etiam

vt confequensad alind quidpiam, ita confe-
- quensadaliud quidpiam. ‘

19;
Perturbata autem proportio eft,cim tribus
pofitis magnitudinibus,& alijs qua fine his
maltitudine pares, vtin primis juidem ma-
gnitndinibus fe habet antecedens ad confe-
quentem , ita in fecundis magoitudinibus
antecedensad confequentem : vt autem ali-
ud quidpiam fic in {ecundis magnitudini.
* busaliud quidpiam ad antecedentem.

Theorema 1. Propefitio r,
A

§i fint quotcung; magnitudines, | I,
quotcung; magnitudioum zqua." |
liom nomero , fingule fingnla.-8 %
rum , xqué mulnplices ; quim®
multiplex eft vaius vna magnitu- )
do, tam muliplices crunt & om-H¢ l'
nesomnium,

Theo.



LIBER V. &y

. Theorema a. Propofitio 2. -
Si prima fecundz aqué fucrit malsiplex,
atque tertia quarte; fue- 4
rit autem & quinta fecli- t%
dz zqué muldiplex, atq; .
fexta quarez: erit & com. ?
pofita prima cum quinta, X
fecundz zqué muldplex; T [ ;
atque tertia cum fexta, @ ¢ H
quarta,

Theorema 3. Pro- P .
pofitio 3. ' -
8i fit prima (ecunde 2qué

multiplex,atg; tertia quars,

tz, (umantur autemaqué | | -
maltiplices primz, & ter-
tiz; erit & ex ®quo, {um- I N

prarum vtraque verinfque € X BG € D
®qué multiplex; altera quidem fecunde, al-
tera autem quartz.

Theorema 4. Propofitio 4.
Siprimaad (ecunds, eandem habuerit pro-
portionem,& tertia ad quarram:etiam zqué
multiplices pri- o

mz & tertiz, ad '

zquc multipli- Y?

ces fecunc!z &ET

quarte , iuxta :

quamuis’ multi- II{ { I 1 f
FCD

plicationé, can- KEABGM T HX
- E 2 - dem
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dem habebunt propofitionem;fi, prout inter
ﬁ:tefpondcnt,m umptx facrint.

Ay
Theorema §. Propo- 1 &
fitio 5. i i
§i magnitudo magpitndinis . JE T
qué fuerit wultiplex , atque ab- F
lata ablatz : etiam reliqua reli- :BJ

quzita multnplcx erit, vt totato-
tius,

U

Theorema . Propo- .
fitio 6. K
Si doz magniradiaes, duarum
magnitudinum fint equé multi- lg
plices , & detraltz quadam fint "
- earundem zqué multiplices: & B D |

reliqua cifdem aut zquales (nnt, aut zqué
rpﬁlrum multiplices,

Theorema 7. Propo- I
fitio e l
A

O

I
‘Aequalesad eandcm eandem ha-
bent rationem: & eadem ad z- ] I
" quales, ) Iy .
EB F
" Theorema 8. Propo-
fitio 8.

Inzquahum maguitndinum maiorad ¢as-
dem
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dem, maiorem propor- ‘%‘
tionemhabet: quim mi. E.
nor: & cadem ad mino-
rem, maiorem propor-

tionem habet, quim ad
maiorem,

1( HG.D LM
Theoremag. Propofitiog, - -
Quzad candem,candem habent progortt-
onem,zqualesfuntinter fe:&ad I
quas eadem, eandem habetpro- I 1 -
portionem, ez quoquefuntin- I I'1 -
ter [ezquales. : -~ ABC
‘Theorema 10, Propofitip1o,
Ad candim magnitudinem '
preportionem habentiym, qug il '
matorem proportionem habet, I .
illa maioreft , ad quam autem '
cadem maiorem proportionem habet, llh
minercft.

Thcorcma . Propoﬁtio I

Que cidem ﬁmt
szdem propor-

=L i;lhd

. ' n
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Theorema 12. Propofitio 12.
Si fint magnitu-

dines quotcun- ‘
que proportio- | - j
nales g quemad. T -

modi fe habue-
rit voa antece: {LI L

dentium ad vniG HK X C ¥ BD F LMW
- confequentium; ita {e habebunt omnes an-

‘tcccdcntes ad omuaes confequentes,

Theorcma 13. Propofitio 13.
§iprimaad l‘ccundam,eidcm habuerit pro-
portionem , quam tertiaad quartam; tertia |
vetd ad quartam maiorem ptoportmncm ‘
babuerit , quam ¢
quinta ad fex
tam: prima quo-
qudad fecfidam
maioré propor-
tionem habebit,
quam quinta admniv € nxu L
fexeam. .

) Theorerna 14 Propof' tio 14, .
Si prima ad {ecundam éandem [ .
habuerit proportionem,quiter.1 I
tia adquarti : primavero quam [ T T I
tertia maior fuerit , erit & fecun-1 1 §.1
. damaior, quam quarta, Quod ABCD
fi pnma fuerit a:quahs terus,
erit
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erit{ecunda zqualis quart: fi verd minor,
& minor erit, .

Theorema 15. Pro- D
‘pofitio 15.
Partes cam pariter mul- ix
tiplicibus in eadem funt _
proportione,fiprout fibi A »
mutuo refpondent , ita af
¢ e l-

famantur. H
- ’ B

* Theorema16. Propo-
fatio 1 6.

Si quatuot magnitudi-

nes proportionalesfue- | = I = |

rint, & viciffim propor- | I I I I

tionales erunt, ISR
: EABFGCDH

". Theorema1?. Propo-
' fitios7. .

Si compofite magnitudi-1k ﬁ .

nes proportionales fue-1

rint,hx quoq; diaife pro- [H TE
B

CM
i

portionalcscruat,
G

!4.“Thco-
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Theorema 18. Propo- A C
fitioxs, 11
. X
Si diuifz magnitudinesfnt IEI F
proportienales , hz queqie 1 1G
compofite proportionales ¢- B D

eunt,

‘Theorema 19. Propo- A,
fitio :9. ,
Si quemadmodum totgm ad €
totuw, ita ablatum ¢ habueric  |E
- ad ablatum : & reliquumad reli-
quum,vttotum ad totum , {¢ ha-
bebit, ' S

Theorema 20. Propofi-
tiozo.

Sifint tres magnitudines, &alizipfis2qua-
les sumeto, quabinz, & in eadem propor-
tione fumantar; '

€x zquo autem

- prima quim ter- [ ‘ \
tia maior fucrit;t [ { :
erit & quarta, qui K I : ]!:. ¥

fexta, maior, ~BECEPE
Quod fi primatertix fuerit ®qualis, erit &
guarta aqualis fexta:fin illaminer, quoque
miugpr crit,

Theo-



1
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Theorema 21. Propofitio 21.
Si fint tres magnitudises, & aliz ipfis zqua-
les numero, quz binz, & ineadem propor-
tione {umantur,
fueritque pertvr-

. bata earum pro- 1
: portio : eX 2quo [ ]
auté prima, quam 17T _[

tertia, maior fue- BCLC BODETF

rxr,crlt&quarta, qudm (exta, maior © quod
i ;nma tertiz fuerit unahs orit & quarta
zqualis fextz: fin illa minor, hzc quogque
minor erit. . -

Problema 2.2. Propo-
LA fitio 2.2,
Si fint quod. :

cynque mag- [

njtudines, &

aliz "ipfis -

quales nume.

ro, quz binz

in eadem pro- i 1 i ..
portione (u-G KMABCDETH

mantur: & ex
zqualitatein cxdcm proportione crunt,

Theoreon 23, Propofitio 23,

Si Gnt tres magn itudines , alizg; ipfiszqua-
E g Ies
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fesaumero, que 1
binz in eadem ! - 6%"
proportione fa-|

mancur ; fuerit L
autem perturba -
ta carum pro-

porios fam 1| h $E8%,

eadem propor-¢ H KABCDEF LMN
tione eruat, !

-

Theorema 24, Propo-
fitiosq. -

$i prima ad fecundam, candeth J &
habuerit propertionem , quam
tertiaad quartam ; habueritau =
tem & quintaad fecundam,ean-
dem proportionem , quim fexta }I£
ad quartam: Etiam compofita
prima cum quinta,ad fecondam X © 2
eandem habebit proportionem , quam ter-
tia cum fexea,ad quartam.,

Theorema 2¢. Propo-

fitio 29.

Si quatuor magaitudines % 5
proportionales fueriar; ma- L
xima,& minima reliquis du- | }
abus maiores eruat. DCEV
Theo-
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Theorema 26.Propofitio 26.

8i prima ad fecundam, maiorem habuerit
zropomoncm » quim tertia ad quartam:

abebit conuertendo fecunda ad primam,
minorem proportionem, quidm quarea ad
t\cmam

Theorema 27. Propofitio 27,

. Siprimaad fecandam , habuerit maiorem
proportionem, quim tertia ad quartam:ba.
bebit quoque viciffim prima ad tertiam,
maiorem proportionem , quim fecuuda
ad quartam.

Theorema28. Propoﬁtid 28,

Si prima ad fecundam habuerit maiorem
proportionem, quiam tertia ad quartam:ha-
bebit quoque compofita prima cum fecun.
da,ad (eccundam , maiorem proporticnem,
-quidm compofita tertia cum quarta,ad quar-
tam,

Theorema 29. Propofitio 2.
Si compoﬁta}nma cum fecunda, ad fecun-

dam, maiorenx habuerit proportioscm qud
. . com-
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compofita tertia cum quarta, ad quartam:
Habebit quoq; diuidendo primaad fecun-
dam,maiorem proportionem , quam tertia,
ad quartam. ’

Theorema 0. Propofitio 30.

Si compofita prima cum fecunda, ad fecun-

dam habuerit maiorem proportionem, qui

compofita tertia cum quarta, ad quartam:

Habebit quog; per conucrfionem propor-

tionis,prima cum fecunda,ad primam, mi-

morem proportionem , quim tertia cum
. quarta,ad tertiam,

Theorema 3¢, Propofitio st,

Sifiat tresmaguitudines,& aliz ipfis zqua-
les numero; fitque maiot propertio primz
priorum ad {ecundam , quam prima pofte-
riorum ad fecundam ; Item fecundz prio-
rumad tertiam maior, quim fecundz po-
fteriorum ad tertiam: Erit quoque ex zqua-
litate maior proportio primz priorum ad
tertiam, quam prima pofteriorum ad ter-
tiam.
Tacorema 32.Propofitio 72,

Si finctres m:;guitudines. &gliz ipfis zqua-
lesnumero; {1 tque mador proportio prima
priorum ad fecunds, quam fectmdz pofte-

- riorum
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riorum adeertiam; Item (ccundz priorum -
ad rertiam maior,qudm primz pofteriorum
ad {ecundam: Erit quog; ex zqualitate , ma-
ior proportio prima priorum ad tertiam,
quim primz pofteriorum ad tertiam,

Problema 33. Propofitio 33.

Si fuerit maior proportio totius ad totum,

. quimablati adablaturfi : Erit & reliqui ad
reliquum,maior proportio, quim totius ad
totum,
. Theorema 3 4. Propofitio 34.
8i fint quotcunque magnitadines, & aliz i-
pfiszquales numero; fitdue maior propor-
tio prim¢ priorum ad primam pofteriorum,
quidm fecundz ad fecundam; & haec maior,
quim tertiz ad quartam , & fic deinceps:
Habebunt omaes priores fimul, ad omnes
pofteriores fimul, maiorem proportionem
quim omnes priores , rclicta prima , ad
omnes pofteriores , reli®a quoque prima;
minorem autem, quidm prima priorum ad
primam pofteriorum ; maiorem denique
etiam , qudm vitima priorum ad vitimam
pofteriornm.

FINIS ELEMENTIV,
EVCLI
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'EVC LIDIS

ELEMENTVM
SEXTVM.

DEFINITIONES.
s

Imiles fignre re&ilincz funt, qua & an-
gulos fingulos fingulis xquales habent;
stque ctiam latera, qua eircum angulos »-

_ quales,proportionalia. .

$a

Reciprocz autem figurz funt, cim in vira
que figura, antecedentes , & confequentes
proportionum termini fucrint,

3

Secundam extremam , & mediam propor-
tionemre&alinea fc&a effe dncxtur, cim vt
tota ad maius (cgmentum,ita maivs ad mi-
nusfebabuerit,

4+
Altitudo cufufque figurz eft linea
dicularisa vertice ad bafin dedu&a.
} Pro-

4
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f.
Proportio ex propor-

. A
tionibus componi dici-
tur,clm proportionum
quantitatcsinter femul- E i

B

tiplicatz , aliquam cffe- I

ED - ¥Db

cerint proportioncm,
- 6.

Panallelogrammum (ccundam aliquam li-
neam applicatum, deficere dicitur parallee
logrammo, quand o non o¢cupat totam li-
neam: Excedere vero, quando occupat ma-
‘jorem lineam,qudm fit ca,{ecundum quam
spplicatur:lra tamen, vt parallelogrammum
dcficicns,aut excedens, candem habeat alti-
tadinem cum parallelogrammo applicato,
conftituatdue cum ¢o totum voum

Jogrammum. t !

Theorema 1, Pro- "E A F
pofitio 1. ﬁ’ “f‘
"Prianguha , & parallelo-

Euramma,quomm cadem
crit altitudo, ita fe ha.

bentinter fe, vt bafcs.
GB C D K

Theorema 2 Propofitio 2.
Siad vnnm trianguli latas parallcla du@d
fucrit re@a quedam linea.

Hxc Préponlonflitcr fecabit ipﬁ:; g‘:‘
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anguli latera. Etfi trian-
guli latera proportiona-
Iiter (e&a fuerint; qua ad
feGiones adiun@a fueric
re&ta linea,-erit ad reli-
quumipfius trianguli la-
tus parallela. - : '
Theorema 3. Propofitio3.
Sitrianguli angulus bifariam fe&u®fie ; (-
‘cansautem angulam reéta linea {ecueric &
bafin:bafis fegmenta,candem
hsbebuntptroportionem, qua ﬁ *
reliquaipfiustrianguli latera
Et 6 bafis {fegmenta eandem
habeant proportionem quam
reliquaipfius trianguli laters;
refta linea, qua 3 vertice ad
fe@ionem producitur , bifariam fecat erians
guli ipfius anguluin, - .

D Q

Theorema 4. Propofi-
tiO 4 [ ’

Aequiangulorom trian- ¥
gulorum proportiomalia [\
funt latera, qua circum ¢-
qualesangylos, & homo-
loga {untlatera,qu¢ zqua-
Iibas angulis {ubtendun- B
tut,
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Theorema s. Propofitio §.,
Si duo triangula, latera D
proportionalia  habeaant,
aquiangula eruat triangu-
lIa, & =®quales habebunt o
- ‘cos angulos, {ub quibas
homologa latera fubten-
duntur,
Theorema &, Propofitio 6.

Sidoo triangula vaum angulum voiangus
Yo zqualem, & circum zqualesangulos la~
teraproportionalia habuerint : xquiangula

erunt tri-

angula,
¢ x

zqualef-
¢ ha.’
gﬂbunt
angulos,
fub qui- ;
bus homologa latera fubtenduntur.,
Theorema 7. Propofitio 7.
$i duo triangula vaum angulum vniangg-

-]

tera proporticnalia babent ; reliquoram ’vfi-
: o
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16 fimul virunque aut minorem, aut non
minorcmretto: ®quianguls eruactriangu-
1a,& z.quales habcbunt cos angulos, circum
quos proportionalia funt latera, |

Theorema 8 Propofitio8.

Siin triangulo re&tangu,
lo. abangulore&o in ba-
fin perpendicularis du&a & x
fitqua ad perpendicula-
rem triangula , tum toti

triangulo ,tum ipfa intcr
fc limilia funt.

. ‘ L .
Problema & Prepefi- [\ Jj?c‘(
o

tiO ’n B
A datare&a linea impe-

ratam partem auferre,
-4

fico 10, .

Problema 2. Propo- X ' %,9
D

¥
. n
Datam re@am lincamin
fe&am Gmiliter (eccre, %
ve dara aliera re@afe@a g— o
fucrir, - '

Pro-
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% Problem a 3. Propofi-
i tio11.
Duabus datus redis li-
neis, tertiam proportio-
nalem adinaeniri.

1t

Problema 4. Propo-
fitio 12.

Tribus datis re&is lineis
- quartam  prop.rtiona-
lem adinuenire.

* Problemas. Propo-
] fitio .3, .

Ra
. . . = D s
. Duabuosdatisreéis line-
;. Is. mediam proportiona-
lem adinucaure.
: . A B C

Theorema 9. Propo-
fic.o14. ‘

Acqualiom, & vnum vni zqualem haben.
tiwn angalum, paralldogrammorum recis
proca {untlatera,qua circum ¢quales anga-
los;Et quorum purallclogrammorum voum
& angu-

)
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.
angulum’ vni angulo s _!I L

qualem habentium reci-

proca funt latera, quz

circum aqualesangulos,

ﬂ]a funt zqualia. o q °
Theorema 0. Propofitiory,

Aequaﬁum, & voum anganlum vni *qua-

lem habentium triangulorum reciproca

funt latera, qna circam ¢-

quales angulos: Et quo-B L

rum trianguiorum vaum

‘angulum vni ¢qualem ha-

beutium, reciproca {uat g%“

latera, que circum zqua- ¢

les angulos,illa funt ¢qua-

lia,

£ |

Theorema 15, Propofitio 16.

Siquatuor re&z lincz proportionales fue-

D C
r—— .

P_-.—r—‘;_..}:' B ‘L H‘ N
2y l Js"" 4 %

G D

rint, quod {ub extremis comprabenditur

rectangulum,gquale etk ¢i, quod fub medijs
. com-
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cemprechenditar,re&angulo Etfi fub extre-
mis comprehen{um, retangulum zquale
faeritei, quod (ub medijs continctur , re-
&angulo, ille quatuor re&= linez propor-
tionales crunt,

Theorema2. Propofitior?.

Sitres recte linez fint proportionales;quod
fub extremis comprehenditur re&angulum

- A D
B .

_— x

h—-:b_ B '

equalefitei,quod A media defcribitur,qua-

drato:Ecfi fub ¢xtremis comprshenfum re-

&angulum zqualefitei, quod 3 media de-

fcribitur,quadratillz tres reéte linez pro-

pottionales erant. . :
Problema 6. Propofitio 16.

A datare- ' G

&a linea, E 3

dato re@i

lineo fi- 5

mile,fimi- % ‘

literd; po- ¥ .

fitum re- B

&ilineum defcribere.
. | ? Theo--
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Thacorema 13. 1 'To;ofitto 19.
Simila
tr.angu
la intcr
fe (unt
in du
plcata
propor b G
tionelrerun, bomolognmm
Theorema 14. Propofitio 20.
Similia A
p«ilygrma
in ﬁul.lll‘!
trimguh \
diwidun.
tur &ou
-fnero x -
qualia, &
homolo-

g2 totis. '
Etpoly- % k&
gona du-

Elisatam B8_Jl.s
ahentea® ’

intcr (e
proportio-

nemn, guam
la'us he-
mologum W

8d homo. € u K

logum latus, - ' Theo- -
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Theorema is. Propo-

fitio 21, % -/- z .
Qﬁz eidem re&ilineo :
funt fimlia , & inter fe
funtfimilia. B A /A\

Thearema 16. Propo-
fitio 22. .

Siquatuor reéte lincz proportionales fue. «
rinc: & abeisrc@ilinea fimilia imiliterque
defcripraproportionalia erunt. Ec (i drcétis
lincis fimilis fimiliterdue defcripta reck:li-
nea proportionaliafucringip(z etiam recka
linez proportionales cruat.

]
lt MmMr o |
//\ o .
BC DE TG& pt 8

14

3 R .
F 4 Thee-
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Theorema 17. Propofitioz3.
A

Aequmngula parallelo-
gramma inter {c propor-
tionem habent eam, qua
¢x laeeribus componitur.

Theo,rema 18. Propo-
© fitio 24,
In omni parallelogram-
mo, quz circa diametri
funt parallelogramma,& a
:lou,&mtcr(bfunt fimi-g—5
a.

Problema 7. Propa-
fitio 2§,

cl 2 -

d =

Dato recto lineo fimile : fimiliterdue pofi-
tum; ¢ alteri dato zqnale idem conftitaere.
Theo-

-
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Theorema 1. Propo- & .

. firio 26, X
Sidparallelogrammo pa-
rallelogrammum  ablatd ¥
fit, & fimile toti, & fimi- £
liter poficum, commu
nem cum eo habens angulum ; hoc circum
eandem cum toto diametrum confiftit,

Theorema 20,Propofitio 27.

. Ontium parallelogrammorum fecundum
eandem re&am lineam applicatorum , defi-

‘cienti- - — G A
umg; fi- | -5 T p ¢ ¥
garis -
paralle-
fogram-
mis fi- |
milibus,  © & @ L KH
fimiliterdue pofitis, e1, quod a dimidia de-
{cribitur;maximue, id eft, quod ad dimidi-
am applicatur , paraliclogrammum fimile
exiftens defetui.

Problema 8, Propofitic 28.

Ad datam lineam re@am, dato re&ilineo

zquale paraliclogrammum applicare, defi-

ciens figura parallclogramma , qua fimilis
F

5 fit
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fitalteri re&ilineo dato, Oportee antem da-
tumreétiline::m, cui zquale applicandum
eft,non maius effe eo, quod ad dimidiam
applicatar,ciim fimiles fint defe@us & eius,
qued i dimidia defiribitur, & eius, cui fi-
miledeefle debet.

Problema 5. Propo-

. fitio 29,
- Ad datamre@am lineam,dato retilineo 2-
quale parallelogrammum applicare, exce-
dens figura paraliclogramma, qux fimilis
fic parallclogrammo alteri dato,

Pro-
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ot
Problema .o. Pro- ® 6
ofitio 30. 2%
P 3 A E b
Propofitam redtam line.
am terinigatam exgrema
ac media ratione (prapor- Q

tione: )fccare. E

.

Theorema 21. Propofitio 3

In re@angulis triangnlis.figura quauis 3 1a.
tere rectuin angulum '
fubtendente defcripra,
®qualis cft figuris, que
prioriilll omles ; & fi
~militer polite, 4 laterib,
re&um angolum conti-
nentibys defcribuntar,

Theorema 22, Propofitio 3z.
Siduo triangula, gu duolateradupbus 12«
teribus proportivnalia habeant,, (ecundum
vnum angulum compo- A
fita fuerint, ita vt homo-
loga eorvm latera fine et-
iam parallela ; tum reli- \
qua illornm triangulo- {5
rum laterain reét.am li- : Y
neam collocata reperien- ° c. L
tur, -




-
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Theorema 23. Propofitio 33,

In 2qualibus circulis, anguli candem ba-
bent rationem, cum ipfis peripherijs,in qui-
bus infiftone,fiue ad centrg,ﬁuc ad periphe-
riascon-

ftituei,

illis in-

fiftant

periphe-

rijs. In- <
foper
vero
&fe- 3
&o. |
18, ¢
quip,

pe

qui

ad centra confiftunt.

FINIS ELEMENTI VL

EVCLIL
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E/VCLIDIS

ELEMENTVM
SEPTIMVM,

DEFINITIONES.

Nitas eft, feciidum quam vaumquod-
que eorum,qu funt,voum dicitur,
2,
Numerus autem, ex vnitatibus compofita
multitudo.’
Pars cft numerus numeri , minor maioris,
cum minor metitur maiorem,

v 4
Partes autem,cim non metitur,
5 .

Multiplex verd,maior minoris, cim maio-
rem metitur minor. .

6. ,
Par numerus eft,qui bifariam diuiditur.

7
Impar vero, qui i bifariam non diuiditur:vel
qui vaitate differt A pari.
8.
Pariter par numeruscft, quem parnumerus
meticur per gumerum parem.
, 9.la-

¢
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9.
Pariter autem impar eft, quem par numerus
smetitur per aumerum imparem.
10.
Impariter verd impar numerus eft. quem
_ impar numerus metitur per gumerum im-
parcm.
1L -
Primus numeruseft , quem vaitas fola me-
titur, .
: 2.
Primi inter (e numeri font,quos fola vnitas,
mcnfuta communis, metitur,
.
Compofitus numerus cft, quem numeras
quifpiam meticur.
. 4
Compofiti autem int: r fenumeri funt,quos
numerus ahqms menfura communis, meti-
tar,
{2
Numerus numerum maltiplicare dicitur,
cim toties compefitus fuerit is, qui muld-
plicatar, quot (untin ipfo multiplicante v-
nitates; & procreatus faerit aliquis,
16. :
Cimautem duo numeri mutud fefe mul-
tiplicantes querspiam faciunt, qu1 f.&use-
rit, meus appellabitur. Qui vero numeri
mutuo {efe muluplicarine , illius latera di-
sentur, Cim
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17.
Cim verd'tres humeri mutnd. fefe multi-
plicantes quempiam faciunt,qui procreatns
erit,(olidus appcllabitur,qui autem numeri
mutud fefe muldplicariar, illius latera die
ceatur. : .
18,
Quadratus numerns ¢ft, qui 2qualiter -
qualis: vel,quid duabus zquahbus numeris
continctur,
Jo
Cubus verd, quizqualiter zquali 2quali-
ter:vcl,quia tribus aqualibus numeris con-
tincuur,
20,
Numeri proportionales {ant, cdm primus
fecundi,& terttus quartiequé mulnplcx eft;
vel eadem pars,vel czdem partes,
s 21,
Similes plani,& folidi numeri funt,qui pro-
portionaliababentlatera.
az,
Perfe&usnumerus cft, quifuisipfius parti.
bus cft zqualis.
23.
Numerus aumerum metiri dicitur per il--
lum numerum, quem multiplicans, veld
quo multiplicatus,illum producit.

Pro-
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) 24.

Proportio nutcrorum elt habitudo que-

dam vnlus numeri & alecrum, fecundum

quodilhas ¢ft muluplex,vel pars,partefue.

\ , 25. -
Termini, {ine radices propertionis dicun.
tur duo numero, quibas in cadem propor.
tiouc migores fumi nequeunt,

26.

Cum tres numeri proportionales fuerint;
primns ad tertium, dgplicatam proportio-
nem dicitar habereeius, quam habet ad fe-
cundw  Ar cim quatuor numeri propor-
£ronales fuering primusad quartum, tripli-
catam preportioaem habere dicitur eins,
quain huber ad (ecundum. Et fuper dein-
cep i vino annplius, quan diu praportio exti-
Lo
. 27, .
Quotlibetnumerus ordine pofitis, propor-
tio, prima ad vitimam cempeni dicitar ex
proportionibus primi ad {fecundam, & fe-
cundiad tertium,& tertijad quarcum,& ita

deinceps,donec extiserit proportio.

Poftolata,fiuepetitiones,
D
Poftuletur,cuilibet numero, quotlibet pof-
(z [umizquales,vel mualtiplices.
3

Quolibet numero, fuini pofle maiorem.
. Axig



LIBER V1L, »
. Axiomara, fiue pronuaciata,

1.

O?ui sumeri zqualium numerorum, vel e.

iufdem, 2qué multiphces (un, wter fefunt

-zquales,

‘ 2.

Quorpm idem numcras 2qué mulrinlex

ett, vl zaué multiplices tunt equales, incer
fe zqualesfunt. ‘

3 '
Qui numeri zqualium numeroram, vel ¢-
iufdem, cadem pars, partes fucrint, inter fe
=quales funt, )

Quorum idem numc;tus ,vel zquales, e2.
dem purs, vel cedem parces fucriut,zquales
incer (e fuae, ' '

,‘

Vnitas omnem namerum per vnitates. qua
in ipfo fu.nt, hoc <ft, per jpfummet nume-
rum, metitur,

6. .
Omnis numerus feipfum metitur per vaie
tatem,

Si pumerus numeri multiplicans aliquem
produgerit , metierur muloplicans pre du-
&um permaltiplicatum; o ulrip licaius au.
tem cundem per multiplicantemn.

‘ i
. G i
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o . 8. :

_ Si mumerus numerum metiatur, &ille , per
quem metitur, cundem metierur per eas,
quazin metiente funt, vnitates, hoc eft, per
ipfum numerum metientem.,

\ .

Sinumerus numerum metiens,, multiplicet
eum,per quem metitur ;vel ab eo muleipli-
catur,illum,quem metitur,producat.

10. \
Numerus quotcunque Bumeros smetiens, |
¢ompofitum quoque ex ipfis metitur.

1. «
Numerus quemcung; numerum metiens,
metiturquoque omacm nUMCrum, guem
ille metitur,

‘ 12,

Numerus metiens totam,& ablatums , meti-

- tur & reliquum. ’

Theorema 1. Propo-
fitios.

Siduobusnumeris inzqualibus propofitis,
detraharur femper minor de ma-
fore,alterna quadam detra&@ione;
neque relignus vaquam metia-
tur przcedentem, quoad flum-
pta fit vniras : qui principid pro-
pofiti (unt numeri, primiincer f¢
erunt,

u,. o ™} .o m»
-0

v O.
9



A
- Problema 1. Propo- - A:C
fitio 2. - E
Duobusnumerisdatisnon : E E
primis inter (¢, maximam  : :
corum communem men- BDB D
~ furam reperire. ' trsos s
Problema 2. Propo- ABCDE
fitio 3. 8 ‘ 4 z 3
Tribus numeris da-  : :
tis non primis inter A B C D E F
fe, maximam corum 1813 8 6 2 3
communem menfuram reperire,

. Theoremaz Propo. -
fitio 4. F
: C C:
Omhis numerns coinfd; E
numeri, minor maioris,
. autpars eft, aue partes. I R
/ ABBBD
12769 3

Theorema 3. Propo-
fitios.
$i nunierus numeripars fue-
rit, & alter alterins cadem
pars;&fimal vierqueveriufe. @ @ :
que fimul eadem pars crit, ABD C
quz vous cft vams. 623§ 8

..O

Q..
&

G » | Theo-

14
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T heorema 4 Propo-

© fitio 6. B
8$i numerus (it numeri par- §
tes, & alteralterius cxdem K
partes ; & fimul vterque v- - é
triufgue fimul ezdem par p;
tes crunt, quz (unt vausv- © 9
nius,

o

Theorema §. Propb-
ficio 7. .

" 8i numerus numeri eadem fit B
pars qua detra&us derradi; &re- g,
liquus reliqui e«dé pars erit, qua 3
totus cfteotius. '

R 0 _'-n-; . o

Poes
g !

wﬁ
)

Theorema 6 Propo-
fitio 8. l’
§i numerus numeri exd-m fint
partes qua detradus detraGi, X
& relquus reliqui ezdem par
tes crunt, quz funt totus totius 4
: . GMKNH 4
; Th:orema~, Propofitio 9-
Si pumerus numer: pars
fit & alreraalteriuseadem ¢
pars:& vicifim .que pars G
eft.vel parees primus tertij, § H
B
8

h“"‘ v = (Y sesrmme e u

€a fom povs erit velceden A
partes, & {ecundus quarti.4

- u e
H

Theo-
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Theorema 8. Propofitio 10.

$i numcrus numeri par-
tes fine, & alter aleerius
eadem p.rres : etiam vi-
ciffim, qv funr partes, G
aut parsprimus tereij,cz-
dem partes cmnr,vcl pars A C
& f{ecundus quarti, 6

Thcorema9 Propo-
‘ fitio 1.
Si quemdmodum (¢ habet totus
ad totumm, ita derr &us ad detra
&a ni&reliquus ad reliquumitafe o
habebit, vt totus ad toram,
Theorema 10 Propofitio 12.
Si fint guotcunque numeri  : : :
proportionales;quemadmo- A B GD
dun e haber vaus antece- 96 3 2
d ntium ad vnum confequentium; ita fe
habebunt omaes antecedentes 3d omnes
confcquenres, ‘
The rema w. Propofitio 3.
8i quatuor numeri fint ¢
proportionales; & vici- A B C
fim pronortlonalcs erunt. 12 4 9
Theorema s2. Propofitio 13.
§i fint quotcunque  : : @ @
nameri, § alljillis A B C ) E
squales multicudi- 026 3 3 4 '-
Gy ue;

>urMu b g gty S

» Oma e b a "‘u\uuunnnnn

wcll

v
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gae.quibini fumantur, &in eadem propot-
tionc, etiam ex zqualitate in cadem pro-
portione crunt.

Theorcma 13. ProPof rio )f.

Sivnitas numerum quem- r
piam metiatur,altet verd o f’
pumerus allum quendam H 3
numerum @qué metiatar, . X
& vicifimvnitas tertium G é
numeram zqu > metietur, 2 B 1’,

atquefecundusquartum. 'y 2 ° -4 €

‘Theorema 14 Propo-
fitio 6.,
Siduionumerimu- : : @ : :
tuo (efe maltiplican- "E A B:C' D
tes faciant aliquos; 1 2 4 8 8
qui ex illis genitifuerint, inter {c zquales
erunt.

Theorema 14. Propof’ tio 17.
Sinamerus daos numeros mulnphcaus fa.
ciataliquos; quiexil- : -
lis procreati erunt, IA BCDE
eandem proportioné 1 3 4 § 124§
inter fehabebunt,quam muldiplicati,

Theorema 16. Propoﬁtlo 8.
Si duo nomeri numerd :
quempjam multiplican- A BCD E
tes faciant aliquos:geniti 4 ¢ 3 12 3¢
- exiillis eandem habcbunt proportionem,
quam quiillum muldiplicarunt.  Theo-

.
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Theorema 17. Propo- ‘
ﬁtio 19 ‘
8i quatuor numeri fint proportionales;
quod ex primo.& quarto fit,nu. nerus,gqua.
lis erit ei,qui ex (ecundo & tertio, fit, nume-
ro: Erfi,qui ex primo & quarofit numerus,
aquilis (itei, qui ex fecunda & tertio, fit,
numero; illi quatuor » ¢ : ;¢ o
numeri proporfiona- ABCDEF G
les erunt. 6432110218
- Theorema 18. Propofitio 20. o
Si tres numeri fint proportionales; qui ab
extremis continctar , zqualis eftci, quid
medioefficitur: Ecfi,quiabexe : :
tremis contiaetur , zqualis it A BC
€i,qui 3 me ‘io defcribitur, illi ¢ ¢ Y )
tres numeri proportionales e-  :

‘rant, - ‘ D
. ‘ 6
Problema 19. Propo.
fitio 21,

Minimi numeri omnium

qui candem cum ¢js pro-

portionem habeat, zqua- B ¢,

liter metuntar numeros @ g

eandemn cum cis propor- & ¢ g ¢

tionem habentes ; maior © -E A B

quidem maiorem, minor 4 3 8 6

v¢rd minotrem, :
: G 4 Theo-
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Theorema 20. Propofitio 22 .
Si tres funcoumeri , & aliy malticudine illis
quales, qui bini famantur & in eadewm ra-
 tianc; fitautem pcrturbata comm propor-
tioictiam ex z- :
qualitate in ca- AB C D E F
d-‘m proportio- 6 4 31286
peerunt,

‘Theorema 21. Prnpof' tioa3.
Primiinterfc numen,mmmu funt ommum
eandem cum eis pro-
portionem habeatinm, A B E C D

’ 16253

Theoremn 22, Propofitio 4 '
Minimi sumeri omni-
um candem cum cispros ABC D E
portmncm habentium, 76434
primi funtincer (e,

, “Theorema 23. Propof' tio2g. *
Si duosnumeri fint prlmx inter (&,qm altcr.
urrum’ eorum metitur, :
namerus,isad reliquum A B C D
primuserit, ) 67% 4
. Theorema 24. Propofitio 26,
Si duo numeri ad qué §
piam pumerum primi 3
finr,ad eundem primus B

? H
is quogue fatarusefl, 3 5 ¥ 1 ¢
qui ab illis produéu: CoEF ,
fuerie. 55 5 32
: S Theo-
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Theorema 25 Propo- %
fito 2. B .
Sn duo numeri primi fint in Y
tcric,quiabvnocorumgig-A € D
pitur, ad reliquum primusc- 7 6 3
git.

Theorema 26 . Propofitio 23.
§i duo numert ad duos numcrosambo ad
vtrunque pﬂrm fin, & ::::
qui ex eis gig entur, ABEC DF
primi inter fecrune, 3§§248

Theorema 27 Propofitio 29. ;
8i duonumeri primi fint inter {e , & multi-
plicans veerque (eipfum procreet aliquem;
qui exijs pro lu&ifuerine, primiinter (ce-
runt, Quod fi numcri initio propofiti-mul.
tiphcantes cos,qui produ&l ﬁmt, effecerine
aliques; hiquoqueinter fe pl’lml crunt; &
circaexrremosidem @ :
hocfemper cucniet. A c EB D F

: 3627,1636

Theorema 38, Propofitic 30.
8i duo numeri primi fint interfe, etiam fi-
mul vterque ad vtrunque illorum primus
erit. Et fimul veerquead vium aliquem eo-
rum primus fit, ctram qui ini-

tio poficifunt numeri, primi - : ::
incer f¢ crunt, ABD
774

G ¢ Theow



106 EVCLID. ELEM. GEOM,
TheorerBa 29. Propofitio 3.
- ‘Omnisprimus numerusadom- ~ : : ¢
nem numerum,quemnonme- A B C
titur,primus eft, 7 10§
Theorema 30.Propofitio 3s.
St duo nameri fefc matud multiplicantes
faciant aliqn. m;bunc aute:n ex ipfis produ-
&um metiatur primus  : : i ;@
quidamnomerus:isale A B C D E
terum etiam corum, 3 € 13 3 4
qui initio pofiti erant,metictar.

' Theorema 31, Propofitio 33.
Omnem compofitumnume- @ 3
rum al.quis primusmeticcur. A B C

| ' 79 3
Theorema 32, Propofitio 34.
Omnis numerus aut primuseft, : @ -
- auteum aliquis primus’metitur. A A
- s 3 63
Problema ‘3. Propo-
fitio 35,

Nameris datis quotcunque, reperire mini-
mos omn um, qui eandem cum illispro-
portionem habeant,

C DEF G
12°2 3 4 6

A
3

o &N .
¥ o

KiM
343

- Pro-
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i Y .
t

Problema 4. Pro- §
pofitio 36.

[ - u "eeww
p o, Y.
el

g
A C
7 1

Duobus numeris
datis,reperire, qué
ill1 mipimum me-

tiantur,oumerum. # E G D ¢ H
- 6 9 o 2 g
Theorema 33. Propofitio 37.
Si duo sumeri numerum :
quempiam metiantur; & .
minimus. Quem ille meti- i F
untur, eundemmetietur. ¢ 3 *  §
’ > Ag E ¢
¥ : 2 3 6 1
. Problema 1. Pro-- T :
pofitio32, A BC D E
Tribus numeris da- ; 4 4 n. 8

tis , reperitc guem

minimom pumerum A B C D E F ‘

illi metiantur, 3 68122416
Theorema 34. Propofitio 39.

Sinumerum quifpiam numerus metlatur, :

menlus partemhabe- : : .
bit metienti cogno- A B C D
miaém, 4 3 v

'Ibco-



108 EVCLID. ELEM. GEOM.

Theorema 31, Propo-
fitio 4 0.

Si numerus partem habueric quamhbet i
Jum metictur numerus

_ parti cogaominis, ABCD
' 8428
{ Problema 6. Propo-
. ﬁtlo 4‘0

Numeram reperire, T ot
i minimus ciim ABCGH
i,datashabeatpar- - 23 4 1210

tes, '

| nmé ELEMENTI VIL

EVCLE
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EVCLIDIS
ELEM N aVM

Theorema s. Propofitios,

SI {int quotcunque numeridsinceps pre.
portionales, quorum extremi fine imet :

fe, pnml, ......
1hmmtml ABCDEFGH
unt omni- 81218 27 68128

nm candem cum ¢is propostionem haben-
tinm. )

Problema 1. Propofitio 2.
Numeros reperire deinceps proportionales
minimos, quotcunque iufferit quifpiam in -
dara proportwnc. '

¢ . 20 2 : e -
ABCDEFGH K
3 4 9 13161716 49 64

Theoremaa. Prdpof‘ itio g,
Lonucrﬁ pnmz.

Si ﬁnt quotcunqne numeri dcmccps pro~

poutionakes minimi habenuum canden «fi
cis
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‘¢is proportionem ; illorum exeremi funtin.
ger (e primi,
s+ 5 2 8-2°% s e
ABCDEFGHKL M
NWw4B64 349 12
Problema 2 Propofitio 4.
Proportionibus datis quotcunque in mi-
nimis numeris, reperire numeros deinceps
minimos in datis propottionibus,

ABcDEFRGKLNXMo
3423 456 81215461i0u

Theorema3 Propofitio §. |
Plani numeri proportionem iater fc habent |

ex lateribus compofitams,

§ 5 § ] H H
ALBcDEFAGHK
B223 36480k
: Theorema 4. Propofitio 6.

§i fint ¢ 3 3 3z
guoti-  E P P ;!!
bem- A B CDEF GH
meri de-is 24 16 54 B o4 S
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inceps,proportionales;primus antem fecans
dum non mctiatur; neque alius quifpiam
vilum metietur.

- Theorema f.Pro-
pofitio 7.

Ao

Si fint quotcunqué nume-
ri deinceps proportiona- A
Ies; primus autem extre- 4
mum metiatur; is ctiam
fecundum metietur.

: Theorema &, Propofitio 8. \
Siinter duos numeros medij continua pro-
portione indicant numeri ; quot interegs
medij continua proportione 1acidunt o
meri,totidem & inter alios candem cumiil-

_ lis habentes proportionem medij continus
proportionc incident. :

:OM.Q....O
;U"“ﬂu'

0 no.ul
!: U'l.ll
= W'"’
-l Q-

w I-'i
L™ R sees
Q l-‘ouu
» O [(YTTY
N gouno
‘."‘ - oo’
B e

)
A
4

: Theorema 7 Propofitio 9.
Si duo numeri funt inter fe primi, & inter
eos medij continua proportione incidang
mumeri,quot inter eos medij continna pra-
portioneincidunt numeri, totidem & inter
vtrunqueeorum, ac vnitatcn3 deinceps me-
dijcontingg proportioac incidea,



At

continnapro A ) | k]
portionc in o ¥ K ¢ 'L ]

. cidunt nu- E 36 H 4gé B
meris totidé 9 p % ¢ ’
& inter illos s & 16 “4
medij conti- . 4

-

7 ey

n2 EVCLID. ELEM. GEOM.

I I AR RN S I A
AMHEF.NCK_‘(GDL Lo B
8737 9 (6 3368 1248 4 4315 04 &4

Theoresna 8. Propofitio ‘o

Siinter dnos numeros. & vaitatem,, conti-
nué proportion.des inci ant numeri; quat
inter vtrunque ipforum, & voititem , deine

ceps medij g

nua proportione incident.

Theorema 9 Propofitio t. , .
Duorum quadrarorum numerorum vnug
medius prop- rtionalis «ft numerus:& qua-
drarusad quadra- LR

tum duplicaram I
" habetLiter's ad 1a- ACEDB
tus proportionem, 9312446

Theorema : o.Propo-
ficio 12,

Duorum cuborum numerorom dno medi)
proportionales funt numerorum; k.t cubus
R ad
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ad cobum triplicatam habet lateris ad fatus

pmportionem;

r Yy i il
AHXBCDETFG
a7 16 4864 3 4 9 X I

Theotema 11, Propofitioss.

8i fint quotliber numeri deinceps propots -
tionalss, & multiplicans quilque feipfum
faciataliquos; quiab illis pl'odu&l fucrmt,
. proportionales erunt Et,finumeri primpm
Agof’ tiyex (o id procreatos dully . faciantas
quos; ipfiquoque propomon es erunt,

Betiiiiiiiiii
ADLEXFGMNHOP K
4 8 X632 64 8 10 3t G4ra82165D
- Theoreme1s., Propo-
- ﬁnot4.

8i quadratas num erus quadratum numerG
metiatur, & latas vaius metietur latus alee-
H riug,



sy EVCLID,ELEM, GEOM.
rius Ft fi voias IR ,
goadrati lstas me. AEB CD
tiatur [-cusalterius, 9 1216 8 4
& quadratus quadratum metierur,

Theorema 13. Propofitions.

" 81 cubus numerus cubum numerus metis-
tur,& latas vnirs metietur aleerius latus, Ft
fi latus voius cubs latos alcering metiatar,
tum cubus cubum merictur.

£ % f . 0z oz ot &
A HKXKBCDETV ¥ @
8 ¥ 28 64.2 4 4 8 36

2

Theorema 14.Propofitio 6.

Si quadratus numerus quadraiam nomerd
non metial@r, neque latus vaigs metictnr
alterius latus. Etf1 latus
vnitus quadrati noa me-
tiatur latus aleerius, ae-
que quadratus quadra-
tum metietur,

o prrmr
[T

- e

> Qe

16

Theorema tg. Propofitio 17.

Si cobus numerus cubum numerum nos
meriatur;neq; litas vnius
Tatus alterins meriet:r,
E: fi latus cubi vnius fa.
tus alterius non metia-
tor, neque cubus cubum
metictur,

»

5. bnnmm

Q0 Y ersasre
\‘. wmuuuuuon-'
o OMod

~
$

L
14
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Theotema 6. Propofitio 13. ’
Buorum fimilium planorym numerornm
yaus m;:diu's_ ! ) g T .2 §
roportionalis ¢ 3 % 3
gﬁtfl?mcrus;& :; : :7 :’ ? E F
planus ad plana 3 2
duplicatam habet lateris homologi ad latus

homologam proportionern.

"Theorema 37, Propofitio 13.
Duorum fimilinm numerotum lolidornm
duomedij proportionales fuat numeri: Ee
folidus ad fimilem folidum triplicatam, ha.
betlateris homologi ad latus homologum
proportionem,

ANXBCDEFGHKML
8;&:827:::33 $ 46 9

) * Theorema 18. Propo-
- ficio 20,

8i inter duos numeros vnus medius pro-

portionalis_inci- 3 & : s

datonmerus; - § § § ¢ [ § }

rles planictunt A C B D E F @
‘numgn" . 18 243 3 4 6 8§

=

-9
o
B
$
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' Theoremaig. Propofitio 21.
Siinter duos numeros duo medij propox-
tionales incidant nameri;{imiles folidi funt
illi numeri,

c1iirit., s
ACDBEFGHKLM

273644649 1216 3 3 3 4
Theorema 20.Propofitio 22.
Sltrcsnnmcrldemccpsf ntpro- : : :

portionales ; primus autem fic : : :
quadratus, &tcrtmsquadmus ABD

exit. 52
Theorema 21, Propofitio 23,

8i quatuor numeri deinceps : : :

finc proportionales; primus  : :

autern fi cubus , & quartus A B C D

cubus erit, ‘ 8 12 132y
Theorema 22. Propefitio a4.

Si duonumeri cam propottionem habeant

inter fe,quam quadratus oumerus ad  quas
dratum gumernm, : 2 ¢

primus autem fit A B C D

quadratus, & fe- 4 9 9 1634 3€.
cundus auadratus erit. :

Theorema 23. Propofiti itio2f., -
§i numeri duo propotsonem inter fe hs«
- beant,
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beant,quam cabus numerusad cubum au.

merum; primusautem cubus fit, & fecun-
dus cubus ent.

. 4 e v 1
e ¢ 8 ! I
A E F B C »
8 u 18 a2 64 o o 36

"Theorema 24. Propofitio 26,

Stmtles plani numeri propomoncm infer -
fchabent,quam quadra- o & 2 ¢ ‘
tus numerus ad quadra- 2

ACED i
tuaraumeram. B

5
Wagsr o L
Theorcma 2. Propoﬁuo 27.

Similes (olidi numeri proportionem habent

inter fe , quam cubus numerus ad cubum
sumerum,

ACDOZ EREUPFGH
» a4 % 44 8 10 B o7

FIN1S ELEMENTI VIIL
| H 3 EVCLL.

~
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Theorema. Propo-
fitio 1.

8i duo fimiles plani numeri motud fefe

- multiplican- R
tes,quendam ;i § g
procreent, A E B D .
prodo&ns 6 9 16 24
quadratus | :

erit.

Thcorema 2. Prope-
lmoz

 Siduo numeti matud l'c('c mulnpl" tcantes,
quadratum fa- : : : e
ciant, illifimi- A B D. C
Tes funt plani. 4 6 9 18 36

Thcorcma 3, Propo.
fitio 3.

$i cubus owmerus (ciplum maltiplicis pre-
_ereet
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sreet ali- 3 p ! s
quemprodei p D A B

du@usca- ras s
buserit. 5 4 16 3‘ 4

Theorema 4. Propof itio 4.
Si cubusnumerus cubum ¢ :
numeram muleiplicans = : ¢ ¢
.quendam procreer, pro- ABDC
creatus cubus erit. 8:764 né
Theorema §. Propofitio §. .
8i cubus numerus numerum quédam mul-
tiplicanscubumpro- :
creees'& maltiplica- A BCD
tus cubus erit. 276537298
‘ Theorema € Propoﬁtio_ 6.
Sinumerusfeipfum : :
muliplicis cobum :° : :
procreet; & iplecu- A B C
bus erit. 27729 1968}

Theorema 7. Propofitio.
Si compofitus numerus qucndam numcrﬁ :
maltiplicans,quem-  : :
piam procreet, pro- A B C D E
du&us foliduscric.. 68 48232
¥ - = Theorema8. Propofitio8.
Sic ab vnitate quotlibet numeri deinceps
proportionales fint: Tertius ab vnitate qua-
dratus eft,& vndintermittentes oés: Quare’
tus atit cubus eft & duobus inicrmiffis om-

H 4 nes:
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fes:Septimus verd cubus fimul & ¢quadrae
tusoflt , & o , % ! i 1

] .
quinque vy A B.& D E ) 4

i A

Theorema 9, Propofitio 9.

. Si ab vaitate fine 131441 _F 932969
quotcunque MU~ ‘soos0 E - 531440
meri deinceps pra - o6t D 6568
postionales;fit au-
tem quadratis is, 8 73 G 6561
qui. vastatem fe- 3‘ T B 9 2

-quitur , & rchgul C e A &t 3
omuaes quadrati ¢- ;

© rune. Quod i, qui °
vaitatem {equitr, vRitas,

cubus fit; & reli-
quiomaes cubi ¢-
tont,

Theorema 10, Prapofitio 1e,

Siab vnitate numeri quotcunque proporti-
onales Gi:.t; nen fit autem quadratus is, qui
voitatem @ A A
fequitur , Pmi- @ ; : ;.
neque alius t4, A BCD E F
Vllus quadra- 3 9 3618243729

. . = m

1
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fus erit; demptis, tertio ab vnitate acamni-
bus voum intermittentibus. Quod fi,qui v-

itatem fequitur cubus non fit: nequealius,

vllus cubus crit;demptis! quarto ab vaitate,
acomnibusduosintermireentibug. -
Theorema t1,Propefitio 1.

Si ab vnitate numeri quotlibet deinceps

proportionales fint; minor maiorem meti-
. tur per quemplam ¢ @ - ¢ 3
eorum, quiinpro- A B C D E
portionalibus funt, 1 2 4 3 1€
Theorema i, Propofitio 12.

Siab vnitate quotlibet numeri fint propor.

tionales; quot primorum numerorum vitis
mum metinatur , totidem & ¢um, qui vais
tati proximus cft,meticntur,

L7 ;

a® 135’ ,
A B C DEHay¥
2 9 a7 &t

- Teorema 13. Propofitio 1. .

$i ab vnitatefint quotcunque numeri dein-
ceps proportionales; primusautem fit, qui
vaitagm fequitur; maximum awllus aling

: Mg sastre-

~

\
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merictur;ijs exceptis, quiin proportional®d

bus {une agmeris,
i b
A B C ¢
s n D

Theorema 4. Propofitio 14

]
A

4

® ﬂ wenn

.,1

4

{
»

$i minimom aumerum primialiquotnw

s§1
CD ¥

meri metiantur;

> nullus alius sume-
rus primus illum

_metietur; ijs excep-
tis, qui primo me-

tiuncr,

'

4x8 8§ 6

Theorema 1¢. Propofitio 1§,

§i tres sumeri
deinceps pro.
portionales fint
- minimi omni-
~ um , candem
cum ipfis pro-
tortioncm ha.
entium, duo
guilib:t com-
pofiri, ad terti-

um primi crunt. 2

>l‘. s : woﬂm _

a n 20950000 000008

[~

: " ostnrsendy a nl.

W D sssrsenn

b.‘

L3

Y

) ssrsmssscesssne'® *m

| -]
L}

-

b“ ~Cn ~

= -] asnrmessase
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‘Theorema16.Propofitio 1§.
$i duonameri fintinterfc - :

. primi;non fehabebitqué- @ :
admodum primus ad fe- :  : |
candum, ita fecundusad A B €
quempiam alium, - s 8

/

Theorema 177. Propofitio 17.

Si fint quotlibet numeri
deinceps propottionales,’

[ 3

quorum cxremi fintin- o 2 £

~ terfeprimi;noneritqué- § ; i

admodum primpsad fe. 2 § § i
cuodum . ifa vitimus adA B € D ¥

quempiamalium. 8 umn v

Problema 1. Propofitio 48. -
Duobus numeris datis, confiderare an pof~
fat ipfis tertius inucniri propertionalis,

- -

\ r
£
. g
3 i : £ 08§t
A B_,ABDCABD
s 4 .0.!!6'4

& O)e sneiza



124 EVCLID. ELEM. GEOM.
* Problema a. Propofitio 19

Tribus numeris datis,confiderarean poﬂi:
fpfis quartus reperiri proportionalis,

] 4

. o . ¢t ,
§ 8] ¢ Pl
A B C e A B G DB
.9 W ¥ 4 - 8

. Theorema .8, Propofitio 20,
Primi numeri »
pluresfuat, qua- 9
cunquepropofi-

@ multitudine .

~ primorum du. e ¥l
scrorum, £ E
B © =

Theotema t?.Prcpoﬁcio ar,

8i pares numeri quot- ' | 3

libee compofiti fint,
sotus eft par, AB
4 €

D
10
Thee-

YLK
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Theorema 20, Propo-
~ firio 23.

8i. impares numeri quot- B
libet compofiti fint; fir 2 ¥ § 2.
autem par fllorum mul.* B C D
titude;totus par erit. 7 5
Theorema 21, Propo-
fitio 23.
Siimpares numeri quot- . 'y 1
cunque compofiti fint; = = &
fit autem impar illorum 4 ‘B € =
mukitndo; &totus in. S 7 8 X
par erit. ‘ o
Theorema 22, Propos B
- fitio24. B
$ia pari aumero par detra- A C
&us fit; & reliquusparerit, 6 4
Theorema 23. Propo- .
fitio 25. 3 "
§i 4 pari numero imparde- 4 & p
tradus fit; & reliquus impar g 4

. exit,
‘ ‘Theorema 24. Prope.

fitio 26.. '

8i ab impari numero impar

detratus fit; & reliquus par

it ' _

*‘ )uu
q OOO“”
=
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Theorema 25. Propo-
fitio 27.

Siabimpari numero par abla-

tus fig;reliquisimpar eri,

‘Theorema 27. Propo- -

pofitio28. D
~ Siimpar numeruspa- .A B
remmultiplicans,pro- 3 4
creet quempiam; pro-
ercatus parerit,

GEOM.

A
z

* Guo
+ Qunltn

& Q. i

Theorema 2. Prope.

fitio29.
8i imper numerus imparem
namerum multiplicans,
quendam procreet; procre-
atus impar erit.,

Theorema 23. Propo-
firio 30.

- 8ii unparnumcrus parcmnu.

. merum meuatur,& illinsdi-
mldmm mmctur.

Thearema 29. Prope-
fitio 31,
Siimpar numeros ad nu-
merum quempiam  pris
mus fit: & illius duplum 4
prigus erit.

i

ACD
3 5 8

O
O (oo
T ——

o Weow

f? LT
¢
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*Theorema 30.Prope-
firio 32.
Numerorum,quid o :
bimrioduplifunt, Vei-
wnufquifque pariterse. A B
Par cft tantam, 24

,. re

D
€,

00 £ 00 oo oo

Theoremazt. Propo- - {
fitio 3. s

Sinumerns dimidium habeatim- A-

parem; paricet impar cft tantum, 20

Theorema 32. Propo-
T fitio 34,
Si par numetras neque 3 bindrio du.
plus fir, neque dimidium habeat im-
- parem:pariter par eft,& pariterimpar.

Thcorema 33 Propo.
ficio 35.

8i fint quatlibetnumeri de-
inceps proportionales; de-

3 Wi Nouishh s N 8.

trabantur antem3 fecvado &

& vitimo zquales ipfi pri- i

mo : Erit quemadmodum 4 :

fecandi exceffus ad primG, . i
ita vidmi exceflus ad om- 5 g £
nes, qui vitimum antece-, 4 56

daot, -
“ . b ) TﬁCO.‘

¢
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Theorema 34 Propo-
fitio 6.

$iab vnitatenumeri quotlibet deincepsex.
pofiti fintin dupla proportione, quoad to-
tus compofitus primus faus fit; ifg; totus
in vitimnm multiplicatus, quempiam pro=
eveatus perfe&us crit,

3
g ¥ s
ux +
¥ >'A
° S; . u
$§ .
Vn‘m.ix-cnnxx.u r
24 € a6
» —~
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.DECIMVM,
DEFINITIONES

PRIMAE, NEMPE MAGNITVDI.
.m/jmmmnm. _

Ommenfurdbdcs magnitudines dis
cuntur xllz, quas cadem menfura meé.

lncommenrunbxln verb m ‘gmtndincs dis
cuntur,quarum pullam menfuram commae
- em contingit reperiri.

3
Linex re&a potentia commcnfurab:les «
fant, quirum quadratavna eadem fuperfi-
cics, fiuearea metitur.

4.
Incommenfurabiles verd linez fwat, qusa
rum quadrata. quzmetiatur area commu.
nis,reperitinulla pot:ft.

f.
Hzc cum ita fine,oftendi potett, qudd qui.
tacunque lincare&a nobis preponatur, ex-

iftunt ctmn ahz linex inoumerabiles cidena
1 com-



furda,fucirrationalia,

130 EVCLID. ELEM, GEGM.

_commenfurabilcs, aliz item incommenfa-

rabiles;he quidem longitudine & potentia;

ille verd potentia tantim. Vocetur igitar

linea re&a, gnantacung; preponatur , g,

id ef,rationalis.

€.

Linez guoque illi jxrd commenfurabi'es

fiue longitudine & potentia,& fiue potentia
* tantdim,vecentur & ipfe prids, id eft , ratio-
nales,

7 ,
Quz verd linez funt iscommen(urabiles
illiz% parw,id eft, primo loco rationali , vo-
eencur dhoyorid cft,irrationales. :

Etquadratum, qnod'i linea propofite de- |

feribitar,quam fwrsy vocari volumus, vecs.

tur fyrdy,id eft,rationle,

. 9.
Er,quz (unt huic commenfurabilia, vocen.
“tur pyrd,id eft,rationalia, R

0.
Q.12 verd funtilli quadrato, jnra cilicet,
incommenfurabilia,vocentur, éAey, id &,

Ite
Etlinez, quailla incommeafurabilia de.
fcribunt, vocentur dioyer. Et quidam fiills
incosmenfurabilia fuerint quadrata, iph
- @orum alicra vocabaatur dAeyn:linez,qadd
.. & quas

N~
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fi qnadrata quidem non foeriot, vetum aliz
quepiam fuperficies fiue figurz r &ilinee,
tunc vero linee ille quaz de(cribunt quae
-drara equalia figuris r.&ilincis, vocentur
éAoyol, .
Poftalaram, fiue peritin,
Poftulstur quemliber magnitodinem toting
~ poffe multipticari,doncc quan'l bet magni-
tudinem eiufdem generis exced.t.

Azxiomata,fiue pronunciara,
. “ -
Magnitudo quotcunque magnitudines me-
tiens,compofitam quoque cx ipfis metitur.
2.

Magnitudo quamciig; magnitudinemme. .
tiens , metitur quoque omnem magmtudk
menn,quamills metirur,

Magnitudo metiens rotammagmtudmcm,
&ablatam,meutur,& reliquam,
Problema 1. Pmpof tiot.

Duabus magnitudinibus inz. S
qualibus propofitis , {i de maio-

re detrahatur plus dimidio; & l ]
rurfus derefiduo iterumdetra -
barur plus dimidio; anefcm. J
per fiat: relinquerur ridem qugs I
dam maguimdo minor altera

nunorc cxduabus propof' s, B g

G

®
hepe
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Theorema 2. Propofitio 2.
Duabus magnitudiaib, propofitis inzqua.
libus,fidetrahatur femper minor de maio-
re,slterna quadam detractione; neque refi-
duum vaquam metiatur id quod ante fe
meticbatur : incommen(arabiles fune ille®
magnitudincs,
Problema 1. Propo-
fitio 3.

Duabas magnitudinibuscommenfura.
bilibus datis, maximam ipfaram com-
musem menfuram reperire.

ﬂ_‘-’ .
Bt poy i e O

Tribas magnitudinibus commen
forabilibus datis, maximam ipfa-
rum communcm tmen{uUram repé-
rire.

Problema 2. Propo.
fitio 4.
A

f

<

Thcorcma; Propo- -,,
firio 5.
' Commcnfur.rbxlcs magmtudl 1 '
nes iater (¢ proportionem eam

habent, quamhabet numeras i I
IITz¢2

ad numerum,
ACBDhE .
Thco-
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'l'heoremu Propo-
fitio 6.
§i duz magnxtudmes pro-
portionem eam habent in-
ter {¢, quam numerus ad nu-

merum : commcnfurabda
funullzmagmtudmcs. ’ 3

Theorem §. Propo-
firio 7.
Incommenfurabiles magnitu. g
dines inter f¢ proportionem R *
non habent, quam aumerus ad
aumerum. x

¥ eomsann— \\.ﬂ

Theorera 6, Propo-
fitio 8-

8i duz magnitudines ‘inter fe proportio=
necm non habent,quam nsumerusad nume-

rum:incommenfurabilesille funt magnie
tudines,

~ Theotema 7. Propo-
fitio g,

usdrata, quz defcribitur 3 reis lineis
Jogt tudine comenfurabilibus: inter fe pro-’
I3 por
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portionem habent, o

quam pumerus qua |,
dratosad alium gu-

roerun qudratum, == =5
Ee qfladpta haben- §:%%'«
tia praporconcm seeee .ee

- - [ R RN ] as s
1mreri¢, quUam qua- gssas ss e
dratasnarnervs ad numcram quadratum;
b ibear quoquie lateralongitudine commen-
fucabilia. Quadrata vero quz defcribuntur
a lineislongiendine incommenfurabilibus;
proportionem non habent inter {e, quam
quadratus ns néras ad numerum ahia qua-
dratum. Et quadrata no habentia propor-
tionem inter fe, quam numerus quadraras
ad numeram quadratum, neque latera ha.
bebuat longitud'ne commenfurabilia,

Thcorema8. Propofitioto.
Si quatgor magnicudines fuerine propor.
tionales ; prima verd fecunda fuerie com.
-menfurabilis;tertia quo ppmpepe oy 40
que quarte commenfu- B
rabilis erit; quod fi pri-
ma (ecunda fuer'e inco-
menfurabilis;tertia quo-
que quarte incommen-
furabiliseri,

Problema . Propofitio 1.
Propofiza lincz rcie ( quam gyrdy vocni

duis

[ o a2 Bon o o]
-
| o e o
D
Lo o o
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diximus)reperire duas lineas re®as incoma
méfurabiles, alteram gnidem
long:tudme tantdm, alceram | ﬁ
wvero non longltudmc t3:im, .i '{ ‘
fed eriam potentia mcommc Srid%
farabilem. 3 '

Theorsma 9. Propo-
fitio 12.

M-gnirudines, quz cidem mag- I! ‘

nitudini fuot commenfurabiles;
inter € qucqae funt commen- € .. .46,
furabiles, 4E.. 3G.
3H..
K.
4L..
Theoremare, Propofitio 13,

§i ex duabus magnitudisibus X .
hzc quidem commenfurabi- """;"“‘ :
lis fic tortiz magoitudin, illa e
verd cidem incommenfura-
bilis,incommenfurabiles funt pm ._B;_q

ille duz magnitudines.
Theorematt.Propofitio 14,

 Si dvarum magaitadiaum commenfurabi-

hum » altera fucrit commen(urabilis mage
l 4 ) ll['o
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nitudini aleeri

Cuipiam tertig:re t 2% "$¢ _
liqa quoq; mag- . 2

pitudo cidem rer

tise inmmmcnfn-{ I f
tabilis erit.

Theorema y2. Propofitio ry.

§i quatnor re&a Lnex proportionales fuce
" gine; poffic autem Jnima plufquam fecunda

tantc, quantam cft quadratum re@a lincz

fibi commenfurabilis longituding : tertia ‘

quoque potucrit plufquam quarta tanto,

quantum cft quadratum re&=z linea fibi

commenfurabilislongitudine. Quod fi prie

ma poffit plufquam feci-

da quadrato re&= linex

fibi lonﬁitudinc incom.

menfurabilis : tertia quo-

quc poterit plufqui quar- {

ta quadrato recke line® X prz cp§

fibi incommenf(urabilis lengitudine,

Theorema 13.Propafitio €.~
Si dux magnitudincs commen(urabiles
componaatur ; tota magnitudo compofita
fingularis partibus commenfurabilis erit; -
Quod fi tota magnitudo compofita altern-
tri parti commeafurabilis fucrit; illx doz
* quo-



. LIBER X. - uy
uoque partes comen ‘

ol B ©
urabilés erunt, 5.-.—-—0—.—»—-, '
D ‘

\ Theoretna 14. Propofitio 17.
Si duz magnitudines incommenfurabiles:
componantur,ipfa quoque tota magnitudo -
fingulis partibus comPoncntibus incom.
mcnfurabil(i_s erit. Q?qod fitota alteri parti
incommenfurabilis fuerit,il- x
Iz quoque primx maguitu-v—,-—nu
dines inter fcincommenfura- -
biles crunt, o ‘
‘Theorema 15. Propo.
fitioas,

8i faerint dum re& linez inzquales. &
- quarte parti quadrari, qued defcribitur 3
minore, 2quale pamallelogrammum appli-
cetur ad maiorem, ex qua maiore tantum
excurrat extra latus parallclogrammi, quan-
tum eft alccrum latus ipfins parallclograma
mi: fi pratcrea parallelogrammum fui ap.
plicatione diuicgt lincar illam in partesin.
ter (@ commenfurabiles longitudine , illa
maior linea tanto plos potelt quam minor,
quantum eft quadratum line fibi commé~
furabilis longitudine. Quod fimaior plus
poflit quam minor,tanto, quantum eft qua-
dratum linez fibi commen(urabilislongi-
tuding & pretcrea quartz partiguadratiji-
1 ace
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pcz minoris,gquale paraliclogrammumegp-
plicetar ad maiorem, ex qt;a t;mc;e ;amum
ex:urrat ex'ra latus paralle D ©
logrammi, qnantum eft al.
terum latus 1pfius parallelo- ,
grammi:parallclogrammum :
fuiapplicatione didit ma. AP —
ioremin partes inter f¢ lon-

gitudiac commenfurabiles,

Theorema 16, Propofitiors.

Si fuerint due réGz linex inequales; quare

tx2 autem parti quadrari lincz minoris , s-

quale parallclogrammerum adlineam ma-

iorem applicerur , ex qua linea tantum ex-

currat excra latus parallclogrammi, quane

tum cft alterum latus ciufdem parallelo-

grammi : fi parallclogrammum preterea fai
applicatione diuidat lineam in partes inter

fc longitudine incommen(urabiles, maior

illa linca tanto. plus potef quim minor

‘quantum cft quadratum linez {ibi minori
cemmélurabiles longitudine. Quéd fima-

lor linca tanto plus poffit quam minor,
“quantum eft quadratum linex incommen.
furabilis fibi longitudine: & preterea quar-

te parti quadrari linez mir 0 ‘is zqualepa~

rallclogrammum applicetur ad maiorem

: 2
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. €% qua tantum excurratéx-g ¥ vp o
- tra lacus paraliclogrammi, =4=t—rs .

quancam cft alterum latus i- | -
pfius- parallclogrammum fai v Eh
applicarione dwidic maioré  Af >
Inparresinter fe incommen- - I s
furabiles longitudiac,

Theorema 17.P rope. - &

fitio 20, D -ﬁ‘: Q
Superfi.ies rs&anguli

eontenta cx lincis redis 4 ]
rationalibas longitadine —

commenfurabilibusfe- A#%
cundum vnnm aliquem :
modum ecx antedi&is,rationalis et
Theorema 18. Propofitio 21,
Sirationale ad lincamra- ,
tionalem applicecur ; ha. ‘ﬁ; A
bebit alterum latus line- [+
am ratiomalem & com- f',\&
men(urabilem longitu- |
dine linéz cui rationale
parallelogrammym  ap-
plicacur, ‘

Theorema 1. Propofitio 21.

Superficies re@angula contenta duabus— li~
wcis re&is rationalib. potentia tant cazc:n.
« 2o

L]
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furabilibus , irrationalis

' eft, Linea autem qua il- D B «
fam (uperficiem poteft, ’ ,
irrationalis & ipfa cft;vo- '@
setur verd media,

.5- [

. Theorems 20. Propo.
~ : i fitio a3

Quadratilinee media ad lineam rationa.
lem applicanti, slteram latus eft linea ratio-
malis, & incommenfurabilis [ongitudine lis

- mex,ad quam applicatus,
' ‘ £ : a -
Theorems 21, Propo.
fitio 34. )8 'AB-—"&
‘ Tz 8

¥ 0
Linea re&1 medim com-
menfarabilis , ¢t ipfa lwﬁt
gquoquemedis. ‘L_c

Thee-
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Theorema 2. Prope« '

. . fitio 24,
Parallclogrammum  te- ,
@angulum contentum< B »
fub re&is lineis medijs

. longitudine commen- | . |
furabilibus, mediumeft, |

A
Theorema 23.Propofitioad.

Paraliclogrammam re@angulum compree
i henfum yp 5y y =
fub dua- :
bus lineis ’
medijs '
' potentia | | é\ ‘

antum

commen- —
furalibus; NMG
velrationale eft,vel medium,

Theoremaz 4. Propofitio 27, |

Medium
non cft.
maius,
uim me,
ium fu-
perficie
rauonalis
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Problema 4. 1 ropo~ A
fitio 28. - c
Medias! ncas inuenire po- —— ——
tencia tantum commenia-
rabiles ratione compre- -
hendentes,
- Problema ¢. Propo-
fitio 29.
Medias lincas inucnire po-
tentia rancdm conmen({o e

© O » U w

rabiles, medivm compre- C
headcares, E
\“ -

Problemwm 6. Propofitio 3o,

Reperire duas rationales
potentia tantum ¢Gmen- W8

forabiles buinfmodi , vt A -
maior exillis poffie plus, AN
quam minor, quadraro e

re@x linc fibi commen A P B

.y . . k- Ad
furabilis longitudine, € 0eesgeesee 2

Problema 4. Propofitio #1,
Inuenire duas rationales potentia tanedim
commen(urabiles.ita vt maior, quam mi-
norplu poffic, quadratn re@= linex fibi
longicudine incommenfurabilis, -

Pro-
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Problzma 8. Fropofitio 33, _
Reperire duas lincas medias potentia tans
tum commeafurabiles : .

rationalem fuper:.ciem a -
continenres talesinqui t—H—A—'—o—o-q
vt maior poffic plus, < o

udm minor, quadrate Fp T
2«:&: lineee fibi com- ,_____Bf_:" !
menfurabilis longitu. - D -
dine, - g

) Problema . Propofiiio 33.
Inuenire doas lineas me- A
diaspotentia tantdmcd- — D
menfurabiles,qua medi- B
am {uperficiem contine.
ant,ita ve maior plus pof. E
fit,quam minor, quadra- C
terc@xlinez fibi longi- -
tndine commenfurabilis,

- Problemao. Propofitio3.
Inuenire duas re@as lincas potentsa income«
menla- 0
rabiles; s | 9-&!
‘quarum % ~ .
quadra-
tafimul
compofi-
ta faciant B .
fupcrficiem rarionalem:R e@angulum verd
fabipfis contentum,faciant @edium.

Fro.

[
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~ Problema 1. Propo- '

' fitiogy,
Repe rire lineas duasre&as potentia incom.
menfurabiles, conficientes compofitum cx
ipfaram S
quadra-
tismedi-
tm pa-
rallelo-
gramma
veroex A . ]
ipfis contentum tationale,

Problema 32, Propofi-
tio 36.

Reperire duaslineas re@as potentia incoms
menfurabiles.conficientes id, quod ex ipfas
ram quadratis componicur , medid, pasalle

Jogram.

ma ex ’

5Pﬁs 0 e ‘u%wc

tentum, . te
 medil; ; \ <
. quod 7

preterea A E rpas |

parallelogrammum fie incommenfurabik
compbfito ex quadratis ipfarum.

ERIN.
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PRINCIPIVM SENARIORVM

per compofitionem , & Syne
thefin.

" *Fheorema 25. Propofitio 37.

8i Jux ratianales potentia tantim commens
furibles com. A - 20 B & &
ponantur; totu——— + +
irration lss erit, Vocetur auten bhlv.lllum, -

vl ex binis nominibus.

Theorem 25 Propofitio ;8-
$i duz me liz patentia rantam commenf(ia-
rabiles, rationale contidcates , componan-
tur; tota linea
B Q
eft arratlonalls, + 1
vocetur aatem ¢x b n s medi s frima,

Theorema 27 Pro,)o.mo :9.
St due medie porcnm\ _...._..C.__B
tantdm commtn uryiles % E
medium continentes co-
ponantur ; tota lin-a eft vﬁ\ %
rrrationalis : vocet rau-
tem «ox binis medijs fe-
cunda. L
Theorema 28 Propofitio 40.
81 duz rc&e linez potenria incommenfura.
biles compcnantur: conficientes compofi-

mm cx quadratls !pﬁrum tativnale paral-
K klo-

)

E

~
.



"14¢ EVCLID. ELEM. GEOM, ‘
lelogrammuin verd ex ipfis contentum, mé.
diam. » B ¢
tota li- { |
‘nearc&acft irrationalis. Vocctur autcm lie |
ocd maior. l

Theorema 29 Propofitio 41.- '

Si duz re@z Iinca potentia incommenf(u- ‘
rabiles componantyr, conficicntes compo- !
fiturn ex iplarum quadratis, medium: id
verd,quodfitex ipfis, rationale ; tota redla
]mca& v B o
m'ano-r t ——
nalis erit, Vocetur aut.m potens rationale ‘
& medivm. ‘

Theoremaso. Propofitio 42.
Si duz re@z linea potentiaincommenfurs -
biles componantur, conficientes compofi-
tum ex ipfaram quadratis medium;& quod

continerur <x iplis , me & B_e j

dium;& pratercaincom 2> _ G X
menfurabile compofite |
exquadratisipfarum: to __;%( {%’
ta re@a linea eft irratio-

malis. Vocetur autem bi- | ,
namedia porens, E

Theorema 21 Propofirio 43.
Quzlinca exbinis nominibus vocata, inv.

' #ico tantum pun- : -
&o diuiditur in IA—-,-:L—H-——-?-;B‘

{ua aomina. .
. - . | ‘]‘hgg.



Theoremasz. Propofitio 4 4.

Qi ex binis metijs prima,in vaica tantum

an&o dividieur , D ¢ B
m{uanomina,  p— i J

T‘k@rcma;; Propo- A_DCc »
fitio 45 E_Mmu_N

031: ex binis medljs fe ﬁs

eunda , in vnico tantum
pun&o dividitur in (ua
nomina. .

Ticoreia 34 Propoiitio 48, .
L’nea maior in vaico tabtum puno diai.

XL

ditur in -

P » C
fua no- — - 3
mina,

Theorema 3¢. Propoi‘uo 47.
Linea potensrationale & medium,in vnico
tanotum

e A D C B
pun&o, B et -~
diuiditot in {ua nomina.

Theorema 36, Propofitio 43.
N \

Linea p:tens duomedia
i vatico tantum punéto B —
dividitur’ in fua nomi-
na.
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DEFINITIONES
- {ecundz 4 nempe binorum: )
nominum, :

Propofita linea rationali ; & linea ex binis
puminibus vocata, diuifa, in fua nomina,
cuius maius nomen, id eft,mator portic ;po's
fit plufquam minus nomen; quadrato hnez
fibi,maiori inquam nomini, commernfura.
bilis longitud:oe,
A 1

8i quidem maius nomen fuerit commenf(u.
rabile longitudine propofita linex ratio-
nali; Voceturtora linca compofisa ex binis
.nominibus.prima. '
Siverd minus nomen, id eft, minor portio,.
fuerit commenfurabilelongitudiae propo-
fitz I'nex rationali ; \ ocetur tota linea ex
binis nominibus (v cunda.
§’ verod neatrum: ipro;rlim nominum fuert
commenfurabilc longitudine propofitz li.
nez rationali,Vocetur tota ex biais nomints
bustertia, ' .
Rur(us fi maius nomen pofit plufquam mi.

pus nomen, quadrato linez fibi incom-

menfurabiles longitadine,

' . . - 4.
$i quidem maius nomen fit commenfura.
- bile
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bile longitudine propofitz linex rationali;
Vocetur tota linea ¢x binis nominibug
quarta, '

_ P |
Si verd minus nomen fuerit commenfura.
bile longltudmc lmcq rauonah,Vocctu;;q,
sacx bml.-. nominibus quinta. -
6. y
Si verd nen‘rum ipforam nominum fucnt .
longitudine commenfurabile : propofita ez,
linex rationali; Vocetur totacx biais nomi-
mibus (exca,

.3

Problen_n 13. Pro. D | : -"’ SRBUN
pofitio 49. Dic F 2 G
Repcnrclmeam exbinis- -——— H™
no.ninibus primam. ’
1 4
A-uuc--‘-i.‘
Probl P '6 \
emavg. Propo- 9 3. =
fitiogo, . A._,.._,,C.,,fg;
o . n
Reperireex binisnomini-, -2
bas (ecuadam. e F6
pr———y LI

e

Ks Pro-
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~ Problema s1. Propo- ” '

ﬁm ’.0 . Anunn-.c'..-
20
. D
. . afseger o0® Qbsarectn®
Reperi . b g .
re ™ —¥
ex binis€____» 6 r W
nomini- X 6 - h
bus ter- |
tilm.
* Problema16. Propo- 10 6
ﬁ.:io 13- Al -u-iu'-Couu-B
Reperirz ex binis no- =~ 3§ ,
minbus quartam, ¢ bt

r s *r ® €
W
H ¢

| A
| A | 6 4
“Problema . Prope- A..ceeCorus
Cfitis g3, 20

Reperire ex binis N0 aepaget By pume

minibusquiniam. E a0 > ¢ q

Pt
H4 -
30 €
. ' A..o..'.-o.c“'-.on
Problema 13, Propoe- 16
ﬁuo “o N Dmuouolo-ot
: 30

Repe-
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Reperire ex binis X 3e

nomiaibus fcxtam.

Theorema 37. Propofitio ff. ‘

$i (uperficies conteara fuerit fub rationali,.
& ex

binis TR - ppl &
nomi. lv ,

nibus X —{x

prima & ,

re@a J

lmca. pr ] alL X

¥
quzx illam fuperficiem potcﬁ,cﬁ irrationalis;
quacx bmxs nominibns vocatur.

Theorema 38, Prope-
" fitio 56,

nali, &

¢x binis.

pomi.

Re&ali- ﬁ'

nca po- ° T CL KH B

tens ilfam (i upcrﬁcxcm, eft irrationalis; qu

Sifuperficies contenta fuent fub lmca ratie-
nibus
fecunda;
edijs prima vocatut.
gxbmum\ Js p! "  Thees

-
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“Theurema 39. Propofitio sy
$i ( perficies contineatur fub rationali, &
ex bin's
nOnliﬂi'
. buster-
€3, re@a
hinea
qua 13
fuperf. cLRNH
ciem Po(cﬂ,eﬂ irratiumﬁ‘)quc ¢x binis mge
dijs Jdicirurccrtia, ‘

Tueorema 40, Propofitio ;3.

Siﬁl' - ~

perfici- A *[] T R

¢ won- L .

tinea. 1 » N
tur.fub # ' fﬁ
ratio-

nah. & ® HKIlG dH'—J

“ex bims nomini .us quarea; re@a Lneapo-
tens.fuperficiem llam, cRirrationalis ; qua
d.citar maior.

Theorema 4t. Prope-
fitio 59,

Si fuperficies cStincatar fub rationali, & ex
_ . : - binis



S

"LYBER X
binis nominibus quarta;re@alinea, quzil-
lam fuperficiem poteft,cft irrationalis; que
dicitur potens rationale,& medium,

Ll =T
E D

. N -

Wy

) 3

X

3 HKE Gy

Theorema 42. Propofitio 6o,
Si fuperficies contine-tur fubrationali, &
exbin’s nominibus (exea; Reétalines, qua
illam fuperficiem poteft, & irrationalis;quas
dicitar potens,binamedia,

a FNLCS

Theorema 43, l’ropo-’

fitio 61,

Quadratum eius linerl{ quz ctcx binis no

iRt
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minibus, ad lineam n-
tionalem applicatum. fa.
cit latitudinem ex binis

minibus primaagm.

Theorema 44 Propo-

pofitio6s.  : D i

Qradratum , ciusque eft
ex binis mcdns prima, ad
lineam rationalem apph
catam , facit latitudioem

M. GEOVI

¢x binis nominibus{ecundam,

Thecrema 4¢. Propo. Aee S B
: fitio 63. - ® K ralng
Quadratum cins, qua cft
ox binis medijs {ecunda,
ad lineam rationalzm ap-
phcatum, facitlatitundiné 1
¢x binis nominibus ter- £ HLX K
tlam, e B
Theorema 46.Propo- =

fitioc4.
Quadratam lincz maio-
ris (ecundum lincars ra-

tionalem applicatum, fa- |
it laticudinem ex binis *

nomiaibus quartam.

L - |
'l'beo-
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Theorema 47. Prope- 5 AB O .
fitio 64,
Quadratum linez poten- £ m_m LS
- nisrationsle , & medium
“fecundum nrmmlcm
applicatum, facit latitu-
dinem ex binis nomini- *C
bus quintam,

Thcorema 48.Propo. Cpd -

fitio 6.
(% ratum linege poten. °F+
tis duo media, fecondum
rationalem applicatom, hﬁ?
facit lititudinem ex bi-
~ misnominibusfextam, ¥ WL X F
. Thecrzma 49.Propofitic 67.

Linealongitudinccom- A E B
menfurabilis,cilince qug “CcF
eft ex binis nominibus; & --—-————-.
ipfa exbinis nominibus cﬁ,atquc in ordmc
“eadem.

| v G

Thecrema go.Propofitio 6.
Linea longitudinccom- A E B
menfurabilisalteniline® =C~ g D
quz cfl cx binis medjs;
& ipfa exbinis medn;s cft, atquc in ordine

- eadem,

Theoremact.Propo- A-E B
fitio69. C”.E——I—)—-
Linea commenfurabilis - ’
linge malon,& ipfa maior oft,
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Theorema 2. Propofitio 70,
Linca commenf(urabilis linea potenti ratio.
nale & mediom, ct & A_E B
ipfalineapotensrationa- =~ C F D
- le&k medinn.

-

Theorema ¢3. Propofitio 7t

Lineacommenfurabilis A E B
linex potenti duome- -
dia, eft & ipfa linea po-
teas duo media,

 Theorema 4. Propofitio 78

8i duz fuperficie:,rationalis,& media fimul
componaatur,linea qua totam fuperfickn
compofitam potctt, et v- E H K
"0’ ex quatuor irrationali- G

bus; velea, que dicituf ex

binis nominibus , vel ea,

quz ex binis medijs prima, BDFGL
vl linea maior , vel linea - o
potens , rationale & me.

dium. T

* Theorema 5. Propo-
© o hiio7s.

$i dozx fapetficies medix inter fe-inc&a"‘;
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rabxlcs wul com néfl

naatur;fiunt reliqug cfuq A Tc T
Yincz irration.des § & ex :

bin's medijs fccunda, vi
bina media potens,

3 DF g T

SCHOLIVM EX THEONE, ZAM.
berio, Campano, &P.Chtlﬁ. o
Clauio,

Ex bis omnibus facile cclligitur , quod linea ea,
que eft ex binis nominibuwe, & casera ipfam fubfe-
quentesjlineeirrationales,neque funt eadem cuns
lincamedianeque ipfamter fe funt eadem,

Nam quadratum linea media ,ad hneam r4+
tionalemcomparatum & applicatum,effiit alteo
vum latus , lineam rationalem , feu latsiudinens
yavionalem.ipfi linee vationals boc eft, linea, ad
quam applscatur )l ngnudmt incommenurabi-
dem:per propol.23,libre decimi.

Quadratumveid e linea,que eft ex binis nea
minbsusyad ratronalem, applicatum o ffi. it alteris
Latus &5 lincam,fes latisudinem ex binis nomnis
bus primam:per 41

Quadvatum verd eius , qua eft ex binis medjs
prima ad Rationalem applicatum, latitudinens .
efficit ex bini nomintbas (ecund am:per 26.

Quadratiiverd eiw,que eft ex binis medys fo-
oundayed rationalim applu atwmylatisudinem ef-

P ﬁflt
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Sicis e binis wominibus sersiam:per 3.
Quadratumlinea maiorn, advationalem applice.
s datitndinem efficisex binie mmmbno qw.
sam:perby.

Quadratum vere cius,querationsle, & oned i
poteft, ad vationslem applicarum; efficis al tersm
latus , feu lasisudinems ex bink nominibus guine
samiper 65,

Quadratum dewigue linee eins, qua biname-

diapot:[t,ad yationalem appls-atum o efficit alre.
yum Larss,feu Latirudinems x binis nominthms f¢x.
sam: per 68,

Cim igitur be lamnlum (one 2nonnulli les
sera dicantur ) diffcrant o & Alatundime wedia
& inser fe,ala:i udine gurdem medic , guod bas
yationalis fit, slle verd ivrationales , inter (¢ an.

" tem,qued in ordine won fint eadem cum §s ¢x bie
nis nominibos : manifeftum eft omnes 1pfas_irrg.
tionales lineas,de quibms badtenms dium eft , ine
ter fe dfferemes cff-.

PRINCIPIVM SENARIORVM
per decradtionem, & aphare-
' fin.

Theoremags Propofitiosy.

Si de linea rationali detrahator vatjonalis,

. potentia tantum comm, cnfurablliszpf‘:oc
ﬁeﬁdua eft irratio- A A

pilis:Voceturautem —

Refiduum, hov ¢fl,.potomes

Then



* Theorema ¢7. Prope-
fitio 95, .
Si dclinea media detraharur media, poten-
- tia tantum commenfurabilis toti linca;qua
“verd detrata cft, cum tota contineat fuper-
ficiem rationalem ; Refidva cft irrationalis,
Vocetur autem Ke- A A B
fiduia mediom pri- - -
mam:hoc cft, mediz apotome prima,

Theorema 8. Propo-
fitio 76. )

Si dclineamedia detrahatur media; poten.
tia tantum commenfu-

rabilis roti; qua vero de- ;%M g
tra&acft, cum rota cons
. tineat fuperficiem mc- ]
diam:Religna eft irratio- "%(‘ j‘%
malis. Vocetur aurem Re- |

fiduum medium fecun § K
dum,hoc eft;medix apotonsc fecunds,

Theorema ¢9.Propo-
fitio77.

Sidclineare®a detrabatur r2&8a, potentia
incommenfurabilis toti ; compofitum au-
temn ex quadratis totiuslinca , & dince ds- -
trala,{it ratignale; pataliclogrammum ve-

T T - 10 ¢2
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ro cx eifdem contentum , fit mediam : Relf-
qualineacritirrationalis, A C B
Voce:ur aytem linea mi- —
no’l
Theorema 6o.Propofitio 8.
Sidelinea re@ta detrabaturre&a , poten:is
incommenfurabilis toti lincz;compofitum
autem ex quadratistotios, & linee detr:Ga
firmedinm;paraliclogrammum verd bis cx
c.(den contencam,fie rationale : Rel qualis
. nea cft irrationalis. Vocerur autem linea fi.
ciens cum fuperficic rationali totam fupers
ficiem mediam, A C B

“ Theorema .. Propofitio 79.-
Si de linea re@a detraharur re@a potentia
incommenfurabilis toti linez : compcfi.am
sutem ex quadratis totins, & linez dctra.
&z, fit medium ¢ Parallclogt:mmum verd
bis ex ijfdem fic etiam medium : prater 2
fint quadrata ipfarnm incomm enfarabilia
paraliclogrammo bis ex ijfdem contento,
Rcliqua linea et irration.lis. Vocerur aug
, ' tem hinea faciens cum A Ry, B. aRes.n
'.. . . .
fuperficie media totam D'—g'——*ﬁ—"“ =

fupe;ﬁcicm mediam,
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Theorema 62. Propofitio 8o,

Refiduo vnica tantum lineare&a coniungis
turrationalis,po- A BB D
tentia tahtum ¢&-" 1"
menfurabilis toti linez.

Theorema €3, Propofitio 81.

Refiduo medio primo vnica tantamlinea
ctoniungitur media, potentia tantum com-
men(urabilistotiip. A BC D'
facum tota rationale B B
continens,

-

Theorema 64. Propofitio82.

Refiduo medio fecundo 5 R
vnica tantum coniungi- & c >
turreQa lincamedia, po. =—2 2 N

tentia tantum commen. .
furabilis toti,ipfa cum to- pﬁ\w
ta medium continens,

F A . @ -
“‘Theoremacy, Propoﬁtid 8).

_ Linezminori vaica tantum re@a linea con
iungitur,potentia incomr menfurabilis toti,
faciens cum tota ccmpofitum ex quadratis
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ipfarum racionale: id
verd parallelogram.-

A BC D

‘mum,quod bis ex ipfis fit,medinm,

Theorema 66.Propofitio 84.

Linez facienti cum f{ope-ficie rationali to-
tam fupetficiem mediam,vaica cantum cé-
jungiturlinea re&a,potentia incommenfu-
rabilis toti;faciens autem cam tota compo-
fitum ex-quadratis ipfarum,medinm; Id ve.
A BC D

ro,quod fit bis ex

iplis,rationale.

Theorema &7. Propofitio 8.

Linex cum media fuperficie facienti eotam

25(7..'
E M M KN

fuperficié mediam, vni-
catantnm coniungitur li.
nea, poteatia toti mcom.
menfurabilis, faciens cum
totacompofitum ex qua-
dratisipfarum, medium,
id verd, quod bisex ipfis

@

—

etiam medium:& praterea faciens compo-
fitum ex quadratis ipfurum incommenfura-
bile ei,quod fitbis cx ipfis.

Dk

|

‘

’
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DEFINITIONES,

TERTIAE, NEMPE APOTOM 4-
_ rum | feu refiduovum,
Propofita linearationali, & Refiduo , fito-
tanempe compolita ex iploRefiduo, &li-
neailli contun&a,fcu congruente, plus pof.
fit, quam coniunéta, quadrato reGx lincz
fibi longitudine commen(urabilis.
: 1. T
Si quidem toralinez propofitz rationali fit
longitudine commenfurabilis ; Vocetur
Refiduum primum, eu Apotome prima,
2.
Siverd coniun&ta fucrit longitudine com-
menfurabilis propofite rationali; ipfa au.
tem totaplus poflit, quam conion&a, qua-
drato linez, fibi longitudine commenfura.
bilis; Vocetur Reliduum fecundum, feu A-
potome (ecunda. '

3 ‘
Si verd neutra linearum fuerit longitudine
commenfurabilis propofita rationali ; pof-
fitautem ipfa tota plufquam céiun@a, qua-
drato linez (ibi longitudine commenfura-
bilis;Vocetur Reftduum tertium , fen Apo-
tome tertia,

Rurfus fi tota poflit plus,quam coniunéa
feu congruens , quadrato re&e lincz fib
longitudincincommenfurabilis,

L 2 4.Et
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4o
Et quidem fi rota fuerit longitudine com-
menfurabilis ipfi rationali ; Vocetur Refi-
duum quartum,feu Apotome quarta.

3. :

Si vero coniun@a fuerit longitudine com-
menfarabilis ipfi rationali; & totaplus pof.
fit,quam coniun&a,quadrato lineg fibi lon-
gitudine incommenf{urabijlis;Vocetur Refi-
duum quintum,fcu Apotome quinta,

Sidenique neutra linearum fuerit com«
menfurabilislongitudine ipfi rationali;fae.
* ritque tota potentior,quam coninn&a;qua-
drato linez fibi longitudine incommen(u.
rabilis; Vocetur R efiduum fextum, fey A-
pororﬁc]:fcxtz. x

Problema g, Propo-
fioge, - Ity
Reperire primum Refi- e

doum, feu Apotomen, ~ H
- L o |

- 1€
D.uo...uEunE
. b4 7
Problema 2o, Pro- o X —
pofitio 87. _
Reperite fecundumB€ ¢

Refiduum, H
Co- bt

Pro.
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D.‘lllIQQ.IFll.QE
27 9
. E' n-'-’ (XYY
Problema 21. Propo- 173
ﬁtio 88& ‘ B.' o'ao..;E-uuC
. , 7 !
.t x .
Reperire tertium Re 3 3y~ ¢
fiduum, B o e
) S -
Problema 2. Pro0- r——
pofitio8y. - oA
Reperire quar. » = {
tumRefiduum, o ¢
g
| T T W
) Dc.- 0w ..uiE [ --E
: ~ 16- - 4
Problzma 23.Pro- A
pokitio 90. B C G
Reperire quintum Refi- = H
duum, :
DiverrvnFulE
' 2§ 7
Problema 4. Pro- x
pofitio g1, P a
Reperire fextam Refi- ) 4
dunim. '-—-E-—-ht‘
.......... £

L 3 B...D..C
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Theorema 68.Propofitio gz,
Sifuperficics contineatar {ub linea rationa,

li, &IC-_A’ , P, 'E-]': L v O
ﬁduo T T rt+ [ =
primo;

re@ali- F;%' sk
neca,que

illat;x fu- " ' Z
perfici- € E HI1K K ©T ©~
cm poteft,eft refidunm.

. Theoremasy. Propofitio 93.
Si fuperficies contineatur fub linea rationa.

lig& re- ‘

fiduvo Xen__XFrq . L N_©o
. A o

fecun. | s (AAL

doj;re- § /

&a li- z :

nea, :

uz il- i

;lam fu ¥ HIK K T

perficiem poteft, eftrefidnum mediale pri-
mam,feu mediz Apotome prima.
Theorema 70, Propofirio 94.

Si fu-

: X, . D EF ’
pC.[ﬁ- T =t L L N, o
ciesco- | v/

tinea- qfe . ¢ ‘ X
tur {ub 3

1in_ea . i
rat:o- T HIK XN v = .

nali, &
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refiduo tertio;recta linea, que illam fuperfi-
ciem poteft , et refiduum mediale fecun-
dum,feu medizcft * potome fe.unda,

Theorema 71 Propofitio g5.
Si rupcrﬁ_cics comincacur fub linea rationa- -

li,& & D E¥YG YL N a
r

refi-

dao + o s v/ P Lg
quar- "Jg{{ /
to; res z :
&ili- |

nea, ¢ BHIK xR T
qua '

illam fuperficiem poteft,eft linea minor.

"~ . Theorema 72, Propofitio 96.
Sifuperficies contineatur {ub linea rationa-
H, & refiduo quinto; re&alinea,, quz illam
fuperficiem potclt, cft ca, que dicitur Cum

. XK D, F

Fe L N o

© P HIKK T M
rationali (uperficic ficiens totam medialem,
' Theorema 73. Propo-
fitio ¢7.
$i fuperficics corineatur fub linea rationali,
| 4 &Re-
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& Refiduo fexto; re@alisca, quaillam {u.

perficié o 5 pye L
potett cft H ,
€, quz

dicitar .@: s L
faciens

cumme- } - Iﬁ Z
dialt fu-© B H 1K “]

perficictotam medialem,
Theorema 74.Propo- A B_gi
fitio 98. -
Quadratum refidui ad line-
am rationalem applicatam,
facit alterum latus refiduum )
primum. —
Thcorem? 7§ Pro- a E g
pofitio 99. c F__N KM
Quadratum rcﬁdui me- -
dialis primi ad rationa- | -
lemapplicatum, facital-
terum latus,refidunm fe-

cundum. -
Theorema ¢, Pro-
pofitio 00 T

Quadratum refidui me- [~
dialis fecundiad rationa-
. lem applicatum, facit al-
teram fatus refidud ter-
thum, »  E XRHI.
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Theoremay7.Propo- X __ B __a

fitio 101 €. F NkMm

Qm dratum lincz mino-

risad rationalem appli-

catam, facie aleerum la-
tus reliduumn quartum,

Theorema 98, Propo-
fitio1o2.

A___ B @
ji' — KN
Quadratum 'linez cum
rationali fupcrﬁcxc faci. %
] HL

entis totam medidler,
ad rationalem applica-
tun, facit alterunm latus
refiduum quintum.
Theorema 79 Propo-
~ fitioro3. -
Quadratum linez cum
mediali (uperficicfacien- |
tis totam medialem, ad
rationalem applicatum, & _
facitaleerum Jatus reidaum f'extum.
Theorema 8o. Propofitio 104. .

Re@alincarefidio A X
commenfurabilis = o
longltudmc eft& & D x

iplarcfi duum,fcu inordine eadem,

Theorema 81. P!'Oﬁoﬁtio 10f,
Re&ta linca commcnfura ilis refiduo me.
diali,
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diali, f & ipfare- A __ B )
fidoum mediale, & € D “
sinfdem ordinis; )

feu inordinecadem,

Theorema 82. Propofitio 106,
Re@alincacémen- A B »
farabilis linez mi- —
pori:eft & ipla linca & ? -
mioor. h

Theorema 83. Propefitio 107.
Re&aligea commenfurabilis linez cum ra-
tion.lifupetficic facienti totam medialem;

eft &ipfalneacum A___ B X
gationali fuperfi.ic ) !
faciens totam me- C b »
dialem. 1

Theorema 84. Propofitio 108.
‘Re&a linez commenf(arabilis linez cum

mediali fuperficic fa & i )
gicnti totam medis- ¢ » o
lem ; eft & #pla curn teemsney x

mediali perficie faciens cotam medialem,
Theorema 8¢ Propofitiorcs. ‘
Si de fuperficie rationali
detrahatur fupcrﬁcws Gfﬁv r xm
medialis; re& linca, quz B
relignam fuperficiem po- { q
teft, cft alterutra ex doa- 1- 1 T
busnrratlonallbus autre-
fiduum , aut linea minor,

Theo-
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Theorema 86. Propofitio 110,

8i de fuperficie mediali : .
detrahatyr fuperficies ﬂ&t N
C

rationalis; aliz duz irra- & af
tionales fiunt, autreliju- 1

am mediale primum,aut

cum rationali (Uperficies -

totam medialem- L

Theorema 87. Propofitionr.

: L
Si de fuperficie mediali detrahatur fuperfi.
ciesmedialis, que ficin-
commenfurab listoti; re. EH K
liqua duz fiunt irrario-
aales, aut refiduum me-
dialefecundam, aut cum,
mediali{uperficie faciens .
totam medialem,

D 2F § o

Theorema 88. Propo- .

fitio 111.
Linea, quzrefiduumdi- =x B
citur, noneﬂ ecadem cumy ¢ E ° F
ea,quz dicitur Binomi- ‘
w.
‘E
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SCHOLIVM EX THEONE, ZAM.
. berto, Campano, & P.Chrift,
Clauio,

Ex bis doménftratis facilé inmelligitur , qued

veBalinea,querclidusm dicitur, & cetere quin.

queeam confequentes irrationales , neque lmga
medialimeque fibiipfeinter f¢ funt eadem,

Nam quadratum linee medialis fecundum ra
 sionalem applicatum facit alterum latws , vatio«
nalem lincam , lougitudine incommenfurabilew
eirfess ad quam applicatur, per propof, 23, libri
decimi.
 Quadratam verd refidui fecundum rationalems

applscatum, facie alteriim latss o vefidunm pri-
mam:per 98.

Quadsatam verdrefidui medialisprimi fecmme |
dumrationalem applicatum, fusit alsersm Lasw,
refiduum fecundum,per g9

Quadrasum verd refidui medinlis fecundi y faos
sit altevum latws,vefidusm tertium,per 100,

Quadratum verd linee minovis , facis altersm
batws vefiduums quartumper 101,

Quadratum verd lince cxmvationahi fuperficie
facientis totam medialem , facit alterum lotw
vefidusm quintum,per 102, )

Quadyatum vers linea cum mediali fuperficie
Sacientis tocam medialem,fecundum rationalesm
applicatumifacit altermm lmus vefiduum fexium,

periez,
«m
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- Cum igitur didtalatera , quafunt latitudines -
_ enimfg, parallelogrammi vnicsiq, quadrate .
quals,Cr ad rationalem,applicans, differant ér 2
primo latere, & ipfainter fe, ( nam Aprimo diffe-
yuns:quoniam funt refidua non einfdem ordinis)
sonflat ipfus quog, lineas irrationales inter fe dif -
fevemes effe.Et quoniam demonfiratum eff, refie
duam nen effe idem quod Binomium : quadrata
asutemrefidus,&r quing, linearum irrationalism
illud confequentium,ad rationalem applicata fae
ciumt altera latera ex vefiduis diufdem ordinis,
euin funs Cr refidun,quoram quadrata applican-
tur yationali,fimiliter & quadrata Binomsj , &
quing, linsarum irrasionalium illud confequen-
vium;ad rationalem applicata, faciunt alterala-
teracx Binomifs eixfdem ordinis , cuins funt &
Binomia,quoerum quadrata applicantue tationa-
B.Ergo linea irrationales , qua confequuntny Bi-
Nomium,Cr que confequuntuy refiduum, funt in«
ter fe differestes. Quare dictalince omnes irra.
tionales funt numero,: 3 fubfequentes. ,
t.Mcd[ia linea;qua vulgo medialic appellatur:pro-
pef.22.
2. Linea ex binis nomivibus (vulgd Binomiam : )
enins fezx funt [pecies inuente: propef.37.
3.5% binis medyjs prima; vulgd Bimediale primd: -

propof.38.
4.Bx binis medijs fecunda s viilgy Bimediale fe
cundum:propof 39.
1. Maior: propef.40.

6.Ls
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6.Lincarationale, ac medium potens:propef. 41,

7.Bina mediapotens:propof.4 2.

8. Apotome (vulgd refidunm: ) cuius etiam j}wm
[fex funt reperse:propof 74.

9.Medie Apotome prima;vulgd refidusum : propof.
75

10. Med1a Apotome fecunda, vulgs rg/idlmm me-
d:ale fecundum:propof 76. -

1 Minor:propof.77.
12, Linea cum rationali medium totsum efficiens;

vulgd Linescum rationali fuperficie totam me-
dialem faciens:propof 78.
13 Cum medio medium totum efficiens,vulgo lines
cum mediali fuperficie totam medralem facie
. ens:propof 79.
Theotema 89. Propofitio 113.
‘Quadratum linez rationalis ad Binomium

applicatam,facic al- A
terum latus refidu- Lo
um, cuius nomina B P c

funt commenfura-
bilia Binomijnomi
nibus, &incadem G
proporticne , pra- -t

terea id, quod fit refiduum , eundem ordi«
nemretinet, quemn Binomium.

X F %
¥ F L) "

Theotema go. Propofitio 114.
Quadratum hhicz rational s ad refiduum
applicatum,facic alterum latus Binamium,

cuiug
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cuius nomina funt  x
commenlurabjlia, B e )
mominibus refidui, B b e,
& in eadem pro- o
ornene ;prztzrca; - M - - |
1d qiod fit Bino- ' e .
mium,elt cinfdem -~
ordinis,cuins & refidunm,
Theorema 31. Prope- -
fitio 1x5.

Si panallelogrammum con-A 8 LY
tineatur exrefiduo, & Bino.
mio,cuiusnominafuptcom-g_____¥
wmenfurabilia nominibus re- -
fidui,& in cadem propottio- St

. me;reftalinea, qua illam (- L.
perticicm poteft , cft rationa-

N

iis. . x’___u -
- Theorema 2. Propofitions.

Ex linea media nafcuntur linex irrationales
ianume- A

rabiles, B
qu;runi: c
naila vl- . b )
li antedi D A z -~ H
&arum 1
cadem fit; ]
‘ : - I )




[

176 EVCLID. ELEM, GEOM,

“Theorema o3, Propofition?, :

Propofitum fitnobisde.

monftrare, in figuris qua-

dtatis diametram effe 16-

Eitudine incommenfura-
ilem ipfi lateri,

FINIS ELEMENTI X

EVCLYL-
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. LIBER XL t
"ELEMENTVM
' VNDECIMVM, '
kT SaLtbokvm
. © ptimum, ) E
DEFINITIONES
I. L
olidam,eft quod longitudinem , latitu.
dmen, & craﬂ.tudmcmhabut,. ’ ’

z . N !
Solidi autem extremum cft fuperficies,

b

Lincarc&acettad planumrea, cimad res
& s omnes liness, 3 quibus illa rangitur,
quzdue npropoflito funt plai.o, re&os an-
gulos cfficit, . .
Planum ad planum re&aeft; cim re@e li-
nex, quz communi planorum feioni ad
re&os angulos in vao planorum ducuntar,
alteri plano ad re@os funt angulos.

R e&z linee ad planum inclinatio eft angue
lus acutus,ipfa infiftente linea, & adinnéa
altera comprehenfus, cim 3 fublimi re@z
illius linez termino dedu: fuerit perpen-
dicularisin ipfo plano fecerit ad propofitas
illius linc® extrenum quodin ecdem eft
planosalicrare&alincafuerit adiunéta,

! M 6.Pla«

.
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: . §.-
Planiad planaminclinatio,eft angnlas acu-
tus re&is lineis contentus, quz in veroque
-planornm adidem cdmunis fe&ionis pun-
&um dulw, re&osipfi (c&ioni angulos cf-
- ficiunt, : _

: 7

Planum fimiliter inclinatum effe ad pla.
aom,atque alterum ad aleerum dieitar , cd
di&i inclinationum anguli inter & funt -
quales. ~ ;

' 8. ‘
Parallela plana {unt, qua inter {6 non iaci-
dunt,nec concurrunt, ‘

. ,V N R )
Similes figura folidz funt, quae fimilibus
planis,multitadine xqualibus continentur.
- 10. ‘
Acquales, & fimilesfigure folidz (ant, quz
fimilibus planis,mulritudine & magnitudi-
ne zqualibus continentar, S

) I
Solidus angulus cft plurimum, quim duz
rum linearum , quafec mutud contingant,
necin eadem fine fuperficic;ad ornes fine.
asinclinatio. .
Aliter, '

. Solidus angulus eft,qui plaribas, qu§ due-
bas planisangulis,in eodem plano non con-
fiftentibus,(cd ad vanps pun@um colledis

Py

© continctur,
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Pyraxms eft figura ﬁ')hdz, quz plams conti-
nerarabvno plano ad voam pun&um col-
le&a. )
Prima ﬁgura c(t ('ohda, que platis contine.
tur, quorum aducrfa duo funt,& zqualia,
fimilia,& parallela; aha vere parchIogrzm.
ma, | |
'4 L] J

Spbzra ethi gura,qug conuer(o circam qm-
efcentem diametrum femicirculo contine-
tar,cim in eundemrurfus locum tclhtmus
fucrit,yade moueri coeperat.

Aliterex Theodofio,

Sphara cft figura folida, {ub vna fuperficie
¢omprebcn{$u ad quam ab vao punéo ¢eo. -
sum,queiatra figuram funtpofita, caden.
tesomacs re&x Linex,inter f¢ {unt aqualcs,

re&a,per centrum du@a, circum quam

micirculus copuertitar. ‘
18,

Centrum vero Spherz cft ldem,quod & fe.

micirculi.

If.
Axis autemn fphere ot qurcﬁccns illa lu}‘i y

.
Diameter autem (pherz e, réta quedam
linca per centrum du&a, & vrinque 3 {phe-
= fuperficicterminata,

Ma . 18.Co-
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o 18. ‘
Conus eft figura,qua fub couerfo circums
quicfcens alterum latus corum,quz reGum
angiilum continent, orthogonio triangulo
' continetur, cum in eundem rurfus locum
illud triangulum reftitutum fuerit , vade
moueri coeperat. : '
. Atque fiquiefcens re@a linea zqualisfie
alteri,quz circam re&um angulum céuer-
titur, orthogonius erit Conus : fin mincr,
amblygonius:fi verd maior,oxygo nius,
19, :
Axisantem Coni cft, quicfcensillare@a li-
nea, circum quam triangulum vertitur.
. 20. '
Bafis verd Coni eft, circulus qui 3 circume
du&a lincarc&ta defcribitur,
21

Cylindrus eft figara, quz fub connerfo cir-
cumquicf{censalterum latus corum ,qua re-
&um angulum continent, parallelogram-
mo orthogonio comprzhenditur , cum in
eundem rur(us locumreftitutum. fuerie il-
lud parallelogrammtm, vade moueri coe-
perat.

22,
Axis autem Cylindri cft quiefcens illa reftd
linea , circum quam parallelogrammum
veratur, R
: 23.Ba-
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23,

Bafes verd cylindri funt cxrcul! dduobus
aduetfis lateribus,qua circum aguntur, de-
fcripti.

4. ;
Similes coli,& cylindrifunt, quorum & ax. .
es,& bafiam diametri proportionales funt

2f.
Cubus feu hexaédrum eft figura folida, que
fub {ex-quadratis gqualibus contmetur

26, :
Tetraédrum eft figurafolida, quzfub tri-
angulis quatuor cquallbus & zquulateris
contm etar, \

O&’Aedmm figura e{t fohda quz fub o&to
griangulis zqualibus, & zqudateus conti.
netur,

- 28,
Dedecaédram figura eft folida.qug (ub du.
odécim pentagoms equalibus, zqunlatcrxs,
& zquiangulis continetur.

29-
‘Eicof'aedrum ﬁgura cft follda, quz ('ubtrl-

angulis viginti ®qualibus, & zquilateris
' eontinetur,

3o
' Panallelepipedum eftfigura fohda, quz fub
fex figuris quadrilateris,quarnm qua cxad-
ucrfo, parali.lz funt,continetur,
M3 $1. S0
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: .
- Solida figurain f’ol}da‘diciturinf cribi,qui.
~ do omaes anguli figura infcriptz confticu-
naotar,velinangulis,vel in lateribus, vel des
nique in planis figura, cui infcribitur.

N 4 o 32. . '
Solida figara folidz figure viciflim circa-

fcribi dicitar, quanto vel anguli, vel latera,

vel denique plana figure , circumf(cripte
tangunt omnes angulos figura, circum qui
delcribitur. S

Theoremar. Propo- - ’
Qued : ﬁtica l.‘_

uedamre 1nCT pars
in {ubic@o ql:zidm? il;on a)
eftplano, quzdam verd
in {ublimi,

Theotema 2. Propo-

. fitoa.
Siduz re@xlince fe mu-
tuo fecent , in vno funt
plane: atquetriangulum

~emnein vao cft plne,

TTH K
Theorema 3. Propo- |
~ fitioy. o %
Siduo plana fe matud fe-
cent, communis corum. =
feddio eft rea linea, A
o . o

|
!
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Theorema 4. Propo- r
- fitio 4. -
Sire&alinea, re@is dua- &,
bus lineis e mutuo fe-
cantibus, in communi fe- |
&ioncad re@os angulos
infiftat:illa, du&o etiaid “
per ipfasplano,ad angulos reos erit,
.~ Theorema §.Propo-
- fitiog. .
Sirealinea, redis tribus li-
neis fe mutud tangentibus,
in eommuni feGione ad re-
&os anfulos infiftat: ille tres
re&= in voo funt plano.
. Theorema 6. Propo. &
fitio g,
~ Si duzre@zlinee cidem -
plano ad re@os fint an-
gulos: parallcle cruntil->
" lereGzlinez,

Theorema 7. Propo- x |
ficio 7.

Si due fint parallelz re- 1\ ‘
&z lincz, in quaram v. G &*
traq; fumpta fint queli- 4/

bet pun&atillalinea, qua
adhec pun@&aadiungitur, ¥
incodem cft cum parallelisplano,
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* Theorema 8 Propo- ¢ Y <
fitio 8.
8 duz fint parallelx re-
&z linez, quarum alrerd
ad reQos cuidam plane
ficangulos: & reliquaei-
dem plano ad rectos an.
ulos erit, ‘
“Theor¢mag Propo- x g
fitiog,
Quz cidem reGx linex
funtparallele, fednonin E

codemcuomillaplinothe ;&_%t
gnoque fantinter fe pa- - '
tallele, «R. o

Thearema 10, Propolfitio 1o, -

" Sidugre@elinezfemu- B
tud tangentesad duas re
&as fe mutud tng ares
fin' parallele, non autem
in eodem plano; illz an
gulos zquales compre: gl

“hendene, : —F
Problema 1. Propo- £ X
~ . fitio 11, '

A dato pun&oin fubli-9
- i, ad fabictum plant
derpendicularem re@am .
Ineam ducere,
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Piobletha 2. Propo- D B

. - fitioaz. o
Dato plann. 3 puno, quodinillo
dicam cft ad rectos angulos reétam
lineam excitare.

> ..._
=

Théorema 11.Propo-
- fition. o
Dato plano.a pi&oquod - /-
indlodatumeft, du re- |
&z linez ad redos angu- 5
los non cxuitabuntur, ad
caldem partes,
Theorema 2. Propo-
fitio 14..- .
Ad que plana, eademre-¢
& . lineare&a eft; ullafune
paraliela, -

. n‘
Theorema 13. Propofitio e

Si duz re&elinex € mu-
tuotangentes, ad duasre. vﬁv 9%
&as fe mutud tangentes
fint parallclz, non ineg-
dem confiftentes plano: 2
B K
ara lela funt, qua per il- "'ﬁ
dicuntar,plana, 2
s - Theo«
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- Theoremay4. Propo-
fitiozs. -
$i duo plana panallcla
plano quopiam fecentur; &
communes Hlornm fe&i-
~ euesfantparallel.

Theorema 14.Propo-
fitiory. s

|

81 duz re@z linez paral-
Telis planis fecentur; incatc K| E

dem proportiones feca- 5

- buntur. .

Theorema 16. Propo-
fitio 18, D G

§i re@a linea plano cui-
iamad re&os fit angu-
s;illa etiam omnia,qua
per ipfam plana, ad re.

~ &os eidem plano angu-€ ¥ —

fos erunt,
Theorema 17, Propo-
fitiorg.

8i duoplanafe mutnofe-’
cantia , plano cnidam ad
re&osfint angulos; com-
munis etiam illorum fe-
&io ad reos cidem pls-
no angulos erit. '

B X

_‘Theo-
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Theorema 18 Propo-

fitio 20, t‘% b%
Si angulus folidus fub pla g .

pis tr.bus angulis conri-
neatur : ex his duo quili-
ber, viut affampti, tertio

fantmaiores. B

Theorema 19. Propo- '
fitioar. fa-" '\%‘
- Solidus omnis angulas

fub minoribus quim re- ;
&is quaruor angulis pla-
nis,conrnctur,

Theorema 20. Propofitio 22.
§i plani tres anguli zqualibus reéis contie
neantur lincis, quorum duo vtlibetaffum.
pti, tertio fint maiores; triangulum confli.
tai potcft B ,
exhineis RS x
equalcs,
illas re-
&as con-
jungead- g
bus, A

Problema 3. Propofitio 23.

Ex planis tribusangulis,querum dao, weli-
bet afumpti , tertiofins maicges, foliduma
. . m.
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::;ulum conftituere, Opottetautem illos
tresangulos re&is quatuor effe minores.

n $ H L R

LU

[ x B
,AA

Theorema 21. Propo-
L fitio 24, =

' , X B

Si folidum fubparallelis B
planiscontincatur;aduer- /1

- faillius plana, (aat paral- § ‘ ‘
lelogramma,(imilia, &2 | .

—

tha. : . ) ‘,ﬁ

"Theo
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¢ ‘Theorema 23, Propo- 1 \4
fitio 25.
? s X <,
f Si folidum parallelopi- _ {® o
' pedum , fub parallelis A Al
planiscontearum plano / ez
{ fecetar, aduerfis planis ¥
parallelo: erit quemad- 3 »
\ moddm bafisad bafim, |1 ¢l =
y itafolidum ad folidum
. . g
' P
' HE= &

Problema 4.Propo-

; Griosd. - Acvi;«’. ;4
Ad datam re@am lined, 9,
eiufque pan&am, angu-B

+ lam folidum gonftitue-

re,folido angulo dato z- ’

qualem. K H F ¢
~ Problemas, Propofitio 27.

A data: s o

redali-- \

nea, da- m

toldo | |-Lr ‘ |

paralle-. x

lis planis *

compre- A B

benfo, fimile,, & fimiliter pofitum folidum

patallelis planis concentum defcribere.

'
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Theorema 23, Propofitio 2. - |

Sifolidum paraliclis planis comprehenfum
-du&o per aducrfornm planérum diagosi-

os pla. ! b

no, fe-

lano
gifariam fecabitur,

‘Theorema u'.Pio- :

pofitio 29. - K
Zolida parallelapipeda, /

feu parallclis planis ¢5~ L
prehenfa,quz fuper ean.
dem bafim, & in cadem

- funeakitudine, quorum

_ infifteates linez in ijf-
dem collocantur re&is | 9
lincis:illafuat inter fc 2-
qualiz,

i
l.‘,?,

g
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_Theorema 2. Pi'ppoﬁtio 30 |

Solida parallelis planis circumferipta, qus
fapereandem bafim, & in —
eadem funtaltitudise,quo
rum infifteates linez non
in ijfdem reperiuntur re- | 9
&is lincis; illa fuat inter fc | 45, 2,
zqaalia, : A 1

~

‘Theorema 36, Propo- \
fitio 31.

Solida parallelis planis, circumfcripta ,que
(uper zqualibys bafibus, & in cadem fune
aleu- - x

dine:
zqualia
funtin-,
ter fe.
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Theorema 27. Propo- ‘
fitio 33, -

So'ida parallelis planis circum(iripta, qua

;iufdcr? o__K
B A F%A *
am ba- [ ’
bt 3
- [

portioné, A
quam ba-
fese

Theorema 28. Propo« . ‘
fitio33. '

Similia {olida pae
rallelis planis cir-
* ewmfcripta ha-
beat inter (e pro-
portionem  ho-
mologoram la.
terum triplica.
tam,




»

Theorema 29, Propo-
fitio 34.

Acqna-
lium fo-
Itdorum
paralle-
lis planis
‘conten.
torum
bafes, ¢
altitudi-
nibus re-
ciproci. F
tar. Ec
folida
parallelis
planis B

xr
conten- LF
ta,quo- /|y 7

rum ba- / 3 \
fes cum -y
alticudi. H P AT wC

nibas reciprocantar; illa (uat 2qualia,

¥

Theorema 3o0. Propdf
- fitio 35,

8i duo plani funt apgulizquales, quorum
S - N vete
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vegticibus {ublimes re@z linez infiftant,
quz cum lincis primd pofitis angulos con-
tineant zquales,Virunque verique: in fubli-
mibus autem lineis quzliber {fumpta fine
punéa, & ab hisad plana, in quibus conf-
ftunt anguli primum pofiti, duéz fint per-

pendiculares;ab earum verd punétis,que in

planis fignata fuerint, ad angulos primum

fublimibas zquales angulos comprehen.
dent, .
Theotema 31. Propqﬁtio;(. .

Sire- Loy B - X ___,
Y 2 K H

“tres
+linez
fint

ro-
[p)O!'[i- E F '
~ onales;quod ex his tribusfit folidum paral.
lelis planis contentum, zquale eft defcripto
Amedia linea (olido parallelis planis come
prehenfouod zquilaterum quidem fit,(ecd
antedi®to zquiangulum, . .

g

- Theos



‘LIBER X, 195
Theorema 32.Propofitio 37,

Si re&z quatuorlinez fint proportionales,
illa quoque folida parallelis planis contenta,
uz ab ipfislineis & {imilia & fimiliter de-
? cribuntur,proportionalia eryat.Etfi(olida
parallelis planis comprehen(a,qua & fimilia
& fimiliter defcribuntur, fint proportiona-
Jiasille quoque retz linez proporuonales

crunt,

)

Theorema33. Propofitio 38.
8i planum ad planum re&um fir; & 3 quo-
dam punéo eorum, quz g

in vno funt planorum, - E 7 '
perpendicularis ad alee- 74 ’

rum planum du&a fit: il- © ‘? ‘/ L {
Ia, quz ducitur perpendi- 4
cularis,in communem ca- A —

det ipforum planorum
feCtionem.

Theorema 34. Propoﬁ:tio 39+

Si mfolxdo parallchs planis circumfcripto,
N 2 aduer-
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aduer{orum planorum lateribus bifariam
fedis, edu@afine , ¥

er fe@iones pla.
ga ; communif il- i A\ X
JIorum planorum _ Bn
fe&io,& folidi pa- ‘ T‘\“\ N
rallelis planis cir- g LA
cumfcripti diame- X :
ter,(e mutao bifa-
riatu {ecabunt. A N 3

e 3

Theorema 35. Propofitio 40.

Si duo fint =quklis altitndinis prifmats;
quorum hoc quidem bafim habeat paralle. -
logrammaum : illud verd triangulum fit au-

- tem pa- - 5 P
rallelo- / H// DNe—vr”
grammi d N
trianguli a | N\ .
doplum:
illa prif- 114‘_ E G X
mata crunt zqualia,

FINIS ELEMENTI XL

EVCLI
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EVCLIDI

ELEMENTVM
DVODECIMVM,

ET SoLInORVM
{ecundum.
. Theorema1. Propofitio 1.
Similia, qua (uneincirculis polygona, pro- :
portionem
habent in- -
ter (e;qui -
defcripta
a diame-
tris qua- ,
drata, : ,
Thcorema 2. Propo!' itio z. .
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Circuli eaminter{e proportionem habent,

quim defcriptad diametris quadrata,
Theorema3. Propofitio3.

Omnis pyramis trigonam habens bafim , in

daas diuditur pyramides n6 tantim 2qua. |

les & fimilesinter fe, {cd toti etiam pyrami-
di fimiles, quarum trigo- ¢

nz {untbafes; atq; induo g%‘ %’
prifinata 2qualia,qu¢ duo
prifmata dimidio pyrami-
dis totius funt maiora,

Theorema 4. Propofitio4.

@i dug ciu{dem alticudinis pyramidestrigo.
nas habeant bafes; fit autem illarum vtraque
diuifa & in duas pyramides inter (e gquales,
totique fimiles; & in dwo prifinata zqualia;
Ac eodem modo diuidatur vtraque pyra-
midum, que ex fuperiore diuifione natz
fuat ; idque perpetuo fiat: quemadmodum

R,

e

|

" fe habet vnius pyramidis bafis ad alterius .

pyramidis bafim; jta& omnia, quain voa
- pyra-
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pyramide,prifmataad omnia, quz in altera
pyramide,prifmata multicudine zqualia.

Theorema 5. Propofitiof. :
Pyramides ciufdem altitudinis,quaram tri-
gone funt bafes; eam inter {¢ proportionemn
habent,quim ipfe bafes,

Theorema 6. Propofitio 6. -

Pyramides einfdem akitudinis , quarum

. jpolygonz {unt bafes , eam interfe propor-
tionem habent quamip(x bafes.

Theorema 7. Propo-

fitio 7. =" »

Omne prifma trigonam

habensbafim, diniditor ,
in tres pyramides inter {e

xquales, quarum trigong .

fuat bafes. X A

N4  Theo-
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. .. Theprema8, Propofitio 8. ‘
Similes pyramides, qua trigonashabent ba.
fes;ia
tripli.
cata
funt
homo-
logoril g
lateri
pro-
portione. . -
Theorema 9 Propofitio 9.
Acqualium pyramidum, & trigonas bafes
habentium,reciprocantur bafes cum altiru-
dinibus. Et quaram pyramidum trigonas
bafes ha- L ‘
bentium
recipro-
cantur
bafesci | g
alticudi- \ E
nibus; illg c ¥
funtzquales.

Theorema 10. Propofitio 10.-
Om- . a H
nis co~
nuster
tia I
ats
‘e,ft cy-
lindriy, " < ¥
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eandem cam ipfo. cono bafim habentis, &
alcicudinem zqualem, . >
Theorema 11.Propo-

Mitiona,

- Coni, & cylindri eiufdem altitndinis, eam
inter (cproportionem habent,quim bafes,..
D ' N/

Theorema 12. Propo-
fitio 12,

* Similes coni,& ¢ylindri, triplicatam ‘Babont,
“inter fe proportioaem diametrorum , qua
- funt in bafibus. '

Jheo-




1

" quiin .

. tudines,, |
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Theoremaiy. Propo-

fitio 13. od e

$i cylindrus plano fe&us fit ad- "
uerfis planis parallelo: Erit qué- 4
admedum cylindrus ad cylin- '

drum, ita axis ad axem. &3P

Theoremayg. Propo-
fitio 14.

. Coni, &
cylindri, ¥

qualibus
funt bafi-
bus; eam
habeat in-
ter{e pro-
portion¢,
quam alti-

<< g m
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- Theorema 1§.Propofitio1s.

Aequalium conornm, & cylindrorum bafes
"~ cum alti- o
tudinibus 3
reciproci-
tur, Et
*quorum

bafes cum
altitudini-
bus reci-

. procantur;
illi func -
quales.

Ptoblcmal.Propo- v
fitiors. -

ftentibus, inmaiore cir-
culo polygonum xqua-
lium, parinmdue late-
rum infcribere,quod mi- By
norem circulum von tan-

gate -

Duobus circulis circa idem “centrum exj-
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Problema 2, Propofitio 17.
PDuabus fphertis circa idem centrum exfi-
ftentibus, inmaiori (phara folidum polye-
drum infcribere, quod minoris (phera fu-

perficiem non tangat. )

. Theorema 16.Propofitior8.
%phzre inter {e proportionem habeat fisa.
ram diamerrorum triplicatam,

FINIS ELEMENT] XII,
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EVCLIDIS
L EG T TY

"vM, ETSOLIDORVM
tertium,

Theorema 1. Propofitio «,

Sire@a linea per extremi
& mediam proportionem
fe&afit; maius {egmentd,
quod totius linez dimi-
dium affampferit, quintu. -
plum poteft cius, quod 3 &'
totius  dimidia dcﬁ:ribl-
tur,quadrati.

Theorema 2. Propofitio 2.

8i re&alinea fui ipfius fe-
gmeati quintuplum pof-
fir, & dupla fegmenti hu-
ius linca per extremam &
mediam proportionem
fecetur , maius fegmen-
tum reliqua pars eft linez
primum pefitz,




e

- mam & mediam pro- Z

fecatur,adiun@a fital-
~ tera fegmento maiori ﬁ@
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Theorema3.Propo- x5 » ¢

Sire&a lincaper extre- y | —S-/— o

portionem fe&a fit; H
minus fegmentum,
quod matorisegmen- & L s E

- tidimidium affumpferit, quintuplum po-

teft cius, qudd 3 maioris fegment dimidio
defcribitur quadrati, - ,
Theorema 4. Propofitio 4.

8i re@a linea per extre- x c =
mam & mediam propor- |

tionem feda fit: quod 3 A}—X K
tota, .quodque 3 minore

fegmento, fimul viraque \
quadrata,tripla funt eius, ‘
quod dmaiorefegmento B 3 '
defcribitur,quadrati. !

' The&rcma f. Propo-
~ fitio g,

’

Si ad re@am lineam,

B ¢ A D

quz per extremam & 7' I
mediam proportion€ |

F [H L

=qualss; tota hzclinea
recta per extremam & mediam proportio-
nem
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- nem fecatur; eftuemaius fegmentum reta
linea pnml‘lm pofita..
- Theorema 6, .Propofitio 6.
SireQalinea pyry, fiue rationalis, per extre
smam & mediam proportionem fe&a fit; v,
_trunque fegmentorom4- A C B
Aoyss, fine irrationalis, et — .
Yinea, que dicitar Refidu-
um,feu Apotome,
. Theorema ¥. Propof tio 7.
Si pentagoni zquilate-
ri tres fint zquales an-
uli, fiue qui deinceps,
1ue qui noa deinceps
fequuatur:illud penta-
gonum crit xquiangu-
lum

4

Thcoremas Propo-
fitio 8.

Si pentagoni quilateri,& gqmanguh duocs
quidcinceps fequuntar,
angulosreét¢ {ubtendant
linez ; ille per extremam
& mediam proporu'o-
nem (e mutuo fecant; ca-
rumdue maiora fegmcn-
ta, ipfius pentagoni Jate-
ri funt zqualia,




_ infcripcorum compofita y
fint ; tota recta linca per

- pentagoni latus irrationa.

miaoer, .
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Thecrems 9. Propofitios.

Silatushexagoni, & latas
decagoni eidem circuln

extremam & mediam

proporiion:m fe@a eft;
ciuljue {egmentum ma-
ius,cft hexagoni latus. ,

Theorema 10, Propofitio 10,

Siincirculo peata-
gonum quilaterd
mfcriptum fie;pen.
tagoni latus poteft
& latus hexagoni,
& latus dccagoni,
cidem circulo in-

{criptorum,

o

. Theorema 11, Propofitiorr.

§i in circulo pardv, fca ra- A

tionalem diametrum  ba-
beante, in{criptam fic pen B
tagonam ‘zquilaterum;

lis eft linea, qu® vocatur N
) » 9 G
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Theorema 12,Propofitio 13. v
Si in circulo infcriptum
fic triangunlum zquilace-
rum; huius trianguli Ia:
tus potentia triplam eft
eius linez, qua ex circuli 3
centro ducitur,

Problema 1. Propofitio 13.
Pyramidem conftitugre ; X data fpheracé.
ple&i: atque docere quod illius (pherz dia.
sneter potentia {efquialtera fit laterisipfius

pyramidis, - SR

.
¢

, Problema2. Propo”tors
t?&a’édrum ‘ggn- ‘ :

ituere, eag; {phe- - %
ra, qua pyramidé /I‘\
comptledi ; atque - N

robare, quod il-
gus fphere diame-
ter potentia dupla
it laceris ipfius o~
&edfic -
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Problcma 3 Prop i

gy 2

fitio 15, ﬁﬁ By

Cubuam ¢onfituere; eadne fphm-a, 1 B
fuperiores figuras compledti; dtqirc'dag

«e quod illivs (phere diametes potcnli
triplafitlatcrisipfius cubi,

Problema4.Propo- R4
pofitio 16. Cownd

Icofacdrum conftituere, eademdue lbhm, :
qua & antedias figuras, compleéti ; at
probare,quod illius Icofaedri latus itugt

nalis fis linea,qua vocacur Miaor.
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Problemay. Pro- o

© pofitio 17.

Dodecaedrum contlitue.
re; eademque (phera, qua
& antedi&tas figuras, cd- gk
" pledti; arg; probare quod
1llius dodecaedri latys ir- |

Lo X 3 K
rationalis fit linea , que | . [¢
vocatur Refiduum , feu

Apotome, o

Problema 6. Propo-

Quii fitio18.

' AL
que & x
figu- E
rarii B €
latera

. pro- ’
pone- G DL B D
re, &

. inter (e comparare, .

SCHOLIVM.

Interpretes bocin loco demonfirant, preter di-
& quinque figuras ,nonpoffe aliam conflitui fie
guramfolidams, quaex planis & aquilaters & a-
quiangulis continaatur inter f¢ equalibus.

O 2 Non

e !
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Non ensm ex duobss 1ridng
duabus figuris,folidus cojhtm
tem tres anguli plani requirans
li confhitutionem. :
Ex tribus autem triangulis a4
pyramdis angulus.
Ex quatsor angulis, ojhcdn.
Ex quinque angulis , Icofagdrie &
Nam ex trianguls fex autem trisngulis’ &
quilateris & aquiangulis ad idem punluingcon
tibus non fiet angulus folidus: cum n..trinpw
quilateri angulus,vecti vniss beffem (hoc
rertias partes: Jcontineat,erunt cifmodi Je% o |
gulirectis quatnior equales.Quod fieri non povef,
Nam folidus omnis angulus minorsbss , gam €4
¢bis quatsior angulis,continetur;per propefu21.ly.
Multd exgo minws ex pluribus , quam [p3 pl
eiufmod; angulis [olidus angulus confhebiss >
Scd ex tribus quady atisyCubi ‘Wﬂ

tur.
Ex quattior autem quadratus nallus &

folidus conftitui poteft, Rurfus enim reddi qmq ‘
erurt. Multo ergo minus ex pluribus , quatmqMly
tuor eiufmodi angulis folidus angulus conftabir,

Extribus autem pentaganis equilateris, (Pe
quiangulis, Dodecaedri angulus continetsr.

Sed ex quatuoy buiufinodi angulis, mlallfdl'
dus angiulus confici poteft. Citm enim pentagoni e
quilatert angulus vedus fit, & quimtaredipars e-
runt quatuor anguls rectis quatuor m4i0ra-%mﬂl_

‘re N
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fevi noguit. Nec fané ex alijs polygomis figuris fo-
didws angulus continebisur, quod binc quoque ab»
[uurdum fequarur. »

. Qumobrem pev[picusim et prater diftas quin-
gue figuras aliam figuram folidam non poffe con-
fisui, que explanis equilateris, & equiangulis
inter Je equalibusy contineatur.,

Vide Theon.p. 244.Etp. cléuias p-277.

FINIS ELEMENTI XIII,
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DE CIMVM(LVARTVM
lidorum quartam, vt quidam aj
tur; Ve alij verd, Hypficlis” Afex:
drini, de quinque corpo-
ribus,

LIBER PRIMVS.,

Procemium Hypficlis Alexandrini aci

tarchum, e
x:’l»

ﬂi«}jfiﬂzde: Tyrius,Protarche, AI;M
j&j” 2 am profectus,patrig, nvﬂra obd
é ({\}) 3w focietatem commedaus, lomgifim
. peregrimationis tempore cums eoverfe
tus eft. Cumg] differerent aliquande de feriprad
Apollonio somparatione Dodecaedriy & 1cofasdri
eidem [phara infiriptorum; quam bec mm;ﬁ
beant vationem, cen[uemnt eanonredte tradi
fe Apollonium;que 1 [¢ emendata,ve de pani-
dive evar, litevisprodiderunt. Ego autem
sncidi i alierum libyusn ab Apollonie edttmﬁ,)ﬂ ‘
demonflvationem accurare compleeretur doys |
propeficty ex eiufq, problematis indagatisiie W
gham equrdem laf,ma/upmtem ilud cersé dbo- l
mtibus perfpice potet guod feripfit Apollamim, 1
cvn fit i omninm manibus. de attem dih'gﬂ‘
thyguantum conjcerc lices , frudionos pofleaferi-
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CLIBER XIV. . ag
pﬁ[c vidimur , id menumentis confignatum tibi

dcqulm duximus, vt qui ftlmm cuminoma. <

‘Iiﬁtplum tum velmaxime in Geometria
\g]gﬁtw,ﬂué ac pradenter indices ea, que ediftu-
¥ fumus:Ob eam vm,qm tibi cam patre fuit, vi-
24 conﬁmadmu,qug, nos compleéteris,beneso-
dentiam,tradlationem zp[am libenter audias. Sed
iam tempus eft vt proemio finem fasientes , banc -
fytaxim aggrediamur,

Theorema. Propofitio 1.
Perpendicularis linea, quz ex circuli cmuf-
piam centro in latus pen. .
tagoniipfi circulo infcri- »
ptiducitur; dimidia eft v-
triufque fimul linez, & ¢-
ius,qua ex centro, & late-
ris decagoni in eodem
circulo 1nfcripti.

- Theorema 2. Propofitio 2.

Sibinzre&e lincx extrema, & media pro-
portione (ecentur ; ipf2 fimiliter {ecabun-
tur,in cafdem ( cilice proportiones,
Theorema 3. Propofitios,
Siin circulo pentagonum equilaterum in-
fcribatur;quod exlatere pentagoni;& quod
ex ea, qua binis lateribus pentagonis fubté.
ditur, realinea; vtraquefimul quadrata,
qumtupla {unteius, quod ex fe midiametro
defcribitar,quadrati.

@ 4 Theo.
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Theorema g4, Propofitio 4.
Si latus hexagoni alicuius circuli fecetur
extrema,& media proportionc; maius illius
fegmentum erie latus decageni eiuldem
circuli. -
Theorema §. Propofitio ¢.
Idem circnlus comprehendit, & dodecad-
dripentsgonum, &icofaédri triangulum,
eidem fphzr2 infcriptorum.,

Theorema &. Propofitios.
Si pentagone,& zquilatero , & zquiangulo
circum{cribatur circulus; ex cuius ceatro
dd yaum pentagoni latns ducatur linea per-
pendicularis:Erit,quod fab di&to latere, &
perpendiculari continetur , re@angulum
trigefies fumptum, dodecaédri {uperficici

xquale, )
Theorema 7.Propofitio 7.

§i ex centro circuli triangnlum icefacdr
Cit-
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.clrcumftribentis,linea perpendicnlaris dua
catuyad vaum latus trianguli: Erit, quod
fubl@icto latere,& perpendiculari compres
b#nditur, re@angulum trigefies fumptum,
Jcofaedri fuperficici zquale.

Theorema 8. Propofitie 8.
Re&angulum contentum {ub tribus quar.
tis partibus diametrialicuius circuli; & fub
quinque fextis partibus linez fubtendentis,.
angulnm pentagoni zquilateri in eod® cire
culo defcripti; zquale cft dito pentagono,

Theorema 9.Propofitiog.
Superficies Dodecaedri ad {operficiemTs
cofaedri,in eadem fphzradefcripticandemn
propertionem habet, quim latus cubi ad
fatus Icofacdri,

Cub}
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Si re&a linca (ecetur extrema, & media

pottione;Erit,vt re@a potensid, quod:
#3; & id, quod maiori {egmento,, ad re&in
potentem id, quod A tota, & id , quodAmi-
nori egmento;1ta latus cubi ad latusichifae-
dri,in eadem fphzra cum cubo inferi
Theorema . Propofitiont. - .
Dodecaedrum,ad Icofaedrum in éadem i
ip(o (pherainfcriptum eftyvtcubi latus ,aé
Icofaedri latus,in vna eademq; (phoeras
Theorema 12. Propofitiogz. .
Latus trianguli 2quilateri potentx‘a,{ﬁfqtﬁ- 4
tertium eft linex perpendicularis ab vioan-
gulv ad latus oppofitum , feu bafim ; déd)
&z, ‘

Theorema 13. Propofitions.” ™ -
Si{phzre(duo folida corpora, Tetracdram !
& O&aedrum circumfcribeantis: ) diameter
fuerir Rationalis : Erit tam fupetficies Te. -
tracdri, quam O&aedriin ca fphera media.

-~ Thee-
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Theorematg4. Propofitio 14.

8i Tetraedrum, atquco&aedrum incadem

fphera in{cribantur : Erit bafis Tetracdri

fe(quitertii bafeos O &aedri:Superficiesau-
tem O&aedri {efquialtera fuperficiei Te-

traedri. .

Theorema 15. Propofitioss. .

Re&a linea ex angulo quouis tetraedri in

{phera infcripti,per centrum fphere duéta;

cadit in centruin bafeos oppofitz;eftq; pers,
pendicularis ad duétaro bafin,

. Theorema 16.Propofitio16.
O&aedrumin fphara infcriptam , diuidi-
tur in duas pyramides ®quales, & fimiles,
equalium altitudinum, bafis verd vtriufg; -
pyramidis cft gnadratum {ub duplum qua.
drati diametri{phare.

Theorema7. Propofitio17.
Tetraedrum {pherz impofitum ad O&ae.
dram in eadem fphera defcripti.m , {e ba-
bet, vt reGangulum (ublinea potente vigin-
ti {epté fexagefimas quartas partes quadrati
Iateris tetraedri;& fublinea continente o&o
nonas partes ciufdem lateris, comprthen-
fum,ad quadratum diametn (phere.

: Theorema 18.Propofitions,

Linea perpendicularis ex quolibet angulo
¢ triangulo 2quilateri ad bafin oppofitam de-

miffa;tripla eft eius perpendicularis, que ex

centro trianguli ad candem bafin deduci-

-tur, . : Theca

e

1
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Theorema 19. Prop
Si O&acdrum fpharz infcribaf
enidiameter {pli¥r potentia tripla
pendicularis, quz ex centro fphate
fin quamcunque O&acdriducitar. - - -
Theorema 0. Propofitiozo. .. A
Puplum quadrati ex diametro cainslibés
fpherz defcripti,equale eft fuperficicicabl
in illa {phzra collocati: pcrpeudicu_lati;%

t

gem 3 centro fpherz in aliqnam bafin éeh
demiffa,2qualiseft dimidio laterisanbi,, -
Theoremazt. Propofitioes. ... -
Bdem circulus comprehendit, & cubi gei-
drarum,& O&acdri triangulum , cinfd
fpherz. :
Theorema 22. Propofitiozz. . .
Si O&aedrum , atque Tetraedrum eidem
fpherz infcribantur; Erit O&acdrum ady
triplum Tetraedri,vt latns O&aedri ad Ia-
tus Tecraedri, L
Theorema 22. Propofitio 23
Sire@a linea propofita potuerit totam. gl
quam lineam fe&am extrema, & media g
tione,& maius eius {egmentum; [tem tolm
aliam fimiliter {c€tam, & minus cins {egolls
tum : Erit maius (egmentum prioris lineg
Iatus Icofaedri ; minus autem fegmentam
pofterioris linex latus Dodecaedri, éns
fphzre ouius reia linea propofies diame-
ter exkftie, i
: Thes:
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Theorema 24. Propofitio 24.
Silanis O&aedri potucritmaius, & minuy
fe tum re@z linex extrema, acmedia
ratione fe&z; poterit latus Icofacdriin ca-
dem fphzra de(cripti,duplom minorisfegs
meati.

Theorema 25. Propofitio 25 ‘
8i re@a linca divifaextrema ac media ratie
neccum minore{egmento angalum re&uay
couftituat,cuire&afubtendatur: Eritre&a
linca,quz potentia fis (ub duplaipfius reég
fubtenfe,latus O&aedri cius fpherz,inqua
di®am minus fegmentum latus exiflit 34»
decacedri.

Theorema 26, Propofitio 26,

Si latus T etracdri poflit maius,& minus fege
mentum linez re&tz extrema ac media ra-
tioncfe&z : latus Icofaedri eidem (phers
infcripti potentia fe(quialterum ¢f minoris
fegmenti.

Theorema 27, Propofitio 2. '
Cubus ad O&acdrum in eadem cum ipfo
fphzra defcriptum, efty vt faperficies cubui
ad O&aedri {uperficiem: Item vt latus Cue
bai ad femidiametrum fphara.

Theorema 28. Propofitio 28.

§i fint quatuor lincz re&z continaz pra-
portionalis , nec non & aliz quatuor, itave
fit cadem antecedens omnium:Erit propor-
tio tertiz ad tertiam proportionis ccug;!_a

ad fer
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ad fecundam duplicara; & p
t¢ ad quartam einfdem propa;
de ad fecundam triplicata.” -
Theotema 29. Propofi

Qradratum lateris trianguli ®qu 78
ip{um triangulum habet propaortiepesidus
plicatam proportionis lateris trianguli adli-
- neam medio loco proportionalem inter
perpendiculatem ab vno angulo:ad latus
oppofitum du&tam, & dimidium ipfiusla-
teris. R
Theorema 30. Propofitio §6% .= .
Sicubus, & Tetraedrum in eademfp_'@rz
defcribantur;Erit quadratum cubi ad trian.
gulum Tetraedri, vtlatus Tetraedei ad liz
neam perpendicularem,qua ex v angule
trianguli T etracdri ad latus oppofitum pro-.
trahatur, o

Theorema 31, Propofitio . ,
Latus Tetraedri potentia fefquialterumet: 4
axis,fen alritudinis ipfius; Axisverd, figeals
titudo Tetraedri potentia fefquialtera'élt -
Iateris cubi incadem {phara defcriped. § -

Theoremaje.Propofitio32, 34 |
Cubus triplus eft Tetraedri cidem fph&%
infcripti,

FINIS ELEMENTI X1V,
EVCLE
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ELEMENTVM
DHDECIMVMQUVINTVM ET SO~
lidorwm quintam, vt nonanlli putanty
" . .Ntautemalij. Hypficlis Alexandtiai,

de quingue corporibug, -

_ 'LIBER®IL

Problema 1, Propo.
fitio 1,

In dato cubo pyra- ©
midem , Tetracdsd
Mﬂib‘rc»

Problemaa.Pro.
-~ pofitioa.
‘In data pyramide
©&acdrum infcrie
bare,
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Problema3.Pro-
- pofitio 3.

Indato cubo( hex-
acdro )O&aedrum =
infcribere,

4

Problema 4. Propo-
fitio4.

In dato o&aedro cubum B
infcribere, -

. Preblemas. Pro-
pofitio .

In dato Icofae.
dro dodecae-
drum infcribere,
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" B4, libagpropolspaco, - -

S5

/

L Eminiffe decet,fi quis wos voget, quet 1cos
o faedrum babeat lasera , ita refponden-
" dumeffe:Paset Icofaedrumviginti contineri tri
omgulisy quodlibet verd triln{;dum redis ribus

‘ con-

&

SGEOLIVM EX ZAMBERTO
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conftare lineis.Quare mulsiplicanda funt nobis vi-
gimts ervangula in triangulivnie later s, fiunt G

Larefgn- [exaginta,quorsm dimidisum eft 1ysginta, 4d exn-

arum 1008 Jony modum ¢r in dodecaedro. Cxum entm rurfis

Newde duadecim pentagona dodecaedrum compreben-
dantjitemg, pem.gotium quoduls 1eitis quingne
conflet linets; quisngue duodecies muleplicamus,
funt fexagensa , quorum rus(is dmsdium eft tri-
Linta.Sed cur dimidism capimus? Quoniam vnit-
guodgse Latws fie fit trianguis, fiue pentagoni, fi-
we gtiadyatiyve in cabo,ssetato fumuur, Similited
axtemeadem via & in cubo , & intetracdro &
in oftacdre laterainuenies, -

... Quddfiitem velis fingularum qaoquc figure +
:::ﬁ:ﬁ:, ru»%mguln reperirefaita cadem m-lnph;c:tir
wiende. ne , numerum procreatunm partire in numerum

planerum,qus vnum folidsm angslum includant:
vt quoniam triangula quingue vwwm Icofaedri
angalum continetyparsire bo. in quingue nafuna
tur duedecsm anguli lcofacdre In dodecacdrs
autemtysa pentagona angulum compych endunt,
partire ergo bo.intria,¢r babebis dodelaedryian- -
gules viginsi. Atque fimili vavsone in rebsquis fis
guris angulosreperies, &re. |
Problema 6, Propo.
fitio ¢,

1n dato ofacdro pyramidem , fou tétraedrd
defcriberé, .
to:
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~ Problema?. Propofitio 7+
ih dato Dodecaedro lcofaedrum defciibés
‘e,
. Problema 8 Propofitio 8.
In dato Decaedro Cubum defcribere,
_ Problema ¢. Propofitio s.
In dato Dodecaedro O&aedrum defcribe-
te. ‘ '
_ Problema 10. Propofitio 16. ,
In dato Dodecacdro pyramidem defcribe-
re. ,
, Problema 11, Propofitio 11,
In dato Icofaedto Cubum defcribere,
Problema 1:. Propofiriora.
In dato Icofacdro pyramidem defCriberé;
Problema 13. Propo-
. fitoy. ,
Ia dato cubo Dodecacdrum defcribere;
Problema 4 Propofitio 14.
Indate cubo Icofacdrum deferibere;-

Problema 15. Propo.
fitio1y. e

tn dato Icoftdro O&acdram defcriberé:

Problemais, Propos
fiuots.

todato O&acdro Icofaedrum defcribere.
P ~ Pro-
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- Problema 17. Propofitio 17,

In dato O&aedro Dodecaedrum defcni-
bere. . ,,

Problema 13. Propofitio18.
In data pyramide Cubum defcribere :hoc .
eft, in propofito Tetracdro hexaedrum de-
lincare. , , ‘
' Problema 19. Propofitio 19,

Iu data pyramidelcofaedrum defcribere,

~ Problema 20. Propofitio 20.

In data pyramide Dodecacdrum defcri- |
bere.’ ' ’

, Problema 21, Propofitio 1.
In datofolido regulari (pharam defcribere:
hoceft, Intetprete Campanos; in fabricato
quouis quinque corporum regularinm,
fpharam fabricare, |

FINIS ELEMENTI XV.

EVCLL ;
\
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ELEMENTVM
DECIMVM SEXTVM, ET
Solidorum fextum. ,
Quo varie folidorum vegulavium fibi mutudin~
feriptorsum,¢s laterum earundem comparationes
“explicantuy s Francifco Fluflate Candalla, & P.

Chriftophera Clauio adse(Famgy de quin-
' que corporibus, I

LIBER TERTIVS.
Theorema 1. Propofitio 1,

Iin Dodecacdro Cubus defctibatur, &
inhoc Cuboaliud Dodecaedtum: Erit
proportio Dodecacdri exterioris ad Dode
cacdram interius proportionis eius, quam
habet maius fcgmentum ad minus reétz lie
nez diuifie extrema,a¢ media ratione triplic
' cata, : ’
Theorema 2. Propofitio 2.
Linea perpendicularis ex quouis angula
pentagoni zquilateri, & ®quianguliinlae
tus oppofitum demiffa:{¢catur A linea re@a
illum angulum fubtendente , extrema ac
mediaratione. : |
P 3 Theoe
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Theopema 3. Propofitio 3.
$iabangulis trianguli pyramidis ducantue
tres linez ret e, oppofita latera fecamtes ex-
tremaac mediaratione; ita vt prope quem-
uis angulum fit maius {cgmentum vnius
lateris, & minusalterius:He tres (e@ionibus
fuisin medio produceat bafin Icofaedri in
di&a pyramide defcripti, infcriptam qui-
demalyjeriangulo, cuiusanguli latera tri-
anguli pyramidis fecant extrema ac media
ratione; & latera ipfa bifariam {ccanturab

- angulis bafis Icofaedri,
Theorema 4. Propofitio 4.
Minus fegmentum laceris pyramidis extre-
ma ac media rarione {c&i, duplum cftpo-
tentia lateris I¢ofaedri in ca pyramide de-
feripti.
- Theoremas.Propofitio .
Latus Cubi potentia dimidium eft lateris
pyramidisin co defcripte: Latus vero pyra-
mid:s duplum eft longitudine lateris O&a-
edri fibi infcripti: latus denique Cubi du.
p:lur.n eft potentia lateris ibiinfcripti O&a-
edry.
. Theorema 6. Propofitio 6.
‘Latus Dodecaedri maius fegmentum eftre.
@z linex qua potentia cft dimidia lateris
pyramidis fibi infcripta. '
' Theorema 7. Propolitio 7.
§i in Cubo defcribatur & lcofacdrum, &
’ Dode-
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Dodecaedra:Latas Icofaedfi medium pro-
pgmonale eritinter latus Cubi, & Dodeca-.
edri

Theoremas. Propofitio8.
Latus pyramidi potentia O&acdecuplane
eftlaceris Cubiin ca deferipi.
Theorema 9. Propofitioy.
Latus pyramidis potentia O&aedecuplumy
el reGz linez extremaacmedia ratione fe-.
&z, cuius maius (egmentum cff litns Da-
decacdri in pyramide defcripti.
Theorema 10. Propofi®olo.
Siin O@acdro Icofdedrum deferibatur: E-
ritlatus Icofaedri potentia duplum mino-.
»is (egmenti lateris O&acdri extrema. ag: -
mediaratione diuifi,
Theoremar. Propofitiorr,
Latus O&taedri potentia quadtuplum eft:
fefquialterum lateris Cubi in ipfo defcriptis,
Theorema 12, Propofitio 12.
+ Latus lcofaedri maius {egmentum eft cius,
. reGx linez extremaac mediaratione {e&z,
quz potentia dupla eft latetis Q&acdn in
co Icofaedro defcripti. .
Theorema 3. Propoﬁuo 13 '
Latus cubi ad latus Dodecaedriin ip(o dew
feripti proportioné habet duplicatam cius;,
quam habet maius fegmentum ad minus re-
&z linez diuife extrema ac media ratione.
~ Latus verd Dodecaedri ad latys cubiinipfa
. P 4 defcri-
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defcripti,proportionem habet,quam minus
fegmentam ad maius, ciufdem reGt= linezs
Theoremai4. Propofitio 14.
Latus o&aedri fefquialternm cft laterispy-
ramidis fibi infCript.
‘Theorema1s. Propofitios.
Si ex quadrato diametri Icofaedri auferatur
triplum quadrati lateris cubi in eo defcripti;
- relinquityr quadratum fefquitertium qua-
dratilateris Icofaedri, »
~ 'Thearema16.Propofitio 16,
Latas Dodecaedri minus fegmentum cft
re@z linex extrema ac media ratione dini-
fz,quz duplum poteft lateris oftaedriin co
’ deg:ripti. :
Theorema 7. Propofitio 17.
Diameter Icofaedri poteft, & fui ipfius late-
‘ris {efquitertium ; & lateris pyramidis in eo
defcripte fefquialterum.,

Theorema 8. Propofitio 18.

Latus Dodecaedri ad Icofaedri fibi infcrip-
ti latus; (e habet, vt minus fegmentum linez
perpepdicularis ab vno angulo pentagooi
ad latus oppofitum due,atque extrema ac
mediaratione dinifzyad partem eiu(dem li-
nexinter centrum pentagoni, & latus ciuf-
dem pofite.

Theoremarg. Propofitio 19,

Si dimidium lateris Icofacdri extrema ac
, ‘ media
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mediaratione fe&um fuerit, minufdue cius
fegmentum 2 toto latere Icofaedri fubla-
tum;3 reliqua quoque reéta linea pars rur«
fum tertia detra&a : Relinquetur latus Do-
decacdriin Icofacdro defcripti,

Theorema 20. Propofitio 20,
Cubus fibi infcriptz pyramidis triplus eft,
Theorema 21, Propofitio 21. :
Pyramis fibi infcripti O&acdri duplaeft,
Theorema 22.Propofitio 22.
Cubus fibi infcripti OGacdri fextuplus eft.
Theorema 23. Propofitio 23, :
O®&acdrum fibi infcripti Cubiquadrupla
fefquialterum eft.
: Theoremaz4. Propofitio 24.
O&aedrum fibiinfcriptz pyramidistrede-
cuplam fefquialteram ef,
" Theorema 24. Propofitioas, - /
Pyramis (ibiinfcripti Cubinon cuplactt,
Theorema 26.Propofitio 26.
OQ&aedrumi ad Icofacdrum fibi infcriptum
* proportionem habet,guam duz bafes 0&a»
cdriad quinque bafes Icofaedri. '
Theorema 27. Propofitio 27. ,
Icofaedrum ad Dodecaedrum fibi inferip-
tum, proportionem habet compofitam ex
propottione lateris Icofaedri ad latus cu-
biin eadem cum Icofaedro fphara defcri-
pti; & ex proportione triplicata eius quam
- habet diameter Icofacdri ad re&am linéam
' Py con.

<9
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- eontra bafium Icofaedri oppofitarum con..

fungentem, ~
Theorema 28.Propofitio 28.
Podecaedrum excedit Cubum fibi inferip.

tum parallelopipedo, cuius quidem bafis 3

quadraro Cubi deficitre&angulo contento
fub latere Cubi,tertiague parte , minoris fex
menti civfdem lateris Cubi: Atverd altie
tudoab altitudine, fiuelatere Cubi deficit,
minore {fegmento cins linex, que dimidian
lateris Cubi fegmentum minus exiftie,

Theorema 29. Prepofitio 29.

Dodecaedrum ad Icofaedrum fibi infcrip-
tum, proportionem habet compofitam ex -
proportione triplicata eius,quam habet dia-
meter Dodecacdri ad re&am lineam contra
bafium Dodecaedri oppofitarum copulan-
tem;& cx proportione lateris Cubi ad latus
Tcofacdri in cadem fphara cum Cuba de
Seripti. ;

Fheorema 30. Propofitio 3o.

Dodecaedrum pyramidis, in qua deferibic
tur,duas nonas partes continet,minus duo-
bus parallelepipedis ; quotum vnius longi-
tudo lateri Cubi in eadem pyramide de-
{criptijzqualis eft;latitudo vero tertiz par-

. timi-
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" ‘_ti mhm'is (igmeun Tateris exuﬁ!em Cnb?
, alnmdp denique 3 laterceiufdem Cubi dc«

ficit minore {egmento cius linez, que dis

midiati lateris Cubi eluf demmigus (cgroé.
tum cxiftit: Altcru;s anfem & longitudo, &
atitudo lateri Cubx predici, elt zqualis;

Bltitudo verd minus (egmentum eius linea

quz dimidiati lateris Cubi eiufdem fegmé-
tum minus exiftitita vt amborumalutudie
nesfi mulalntudlm,ﬁue lateri ein{dem Cu-
bi fint zquales

" Theoremas3r, Propofitio 3t

O&aedrum excedit i bi m('ctxptum lcoﬁe.
drum parallclepxpedo ycuius bafis eft qua-
dratum lateris Icofaedriyalticudo verd ma.
ius(egmentum {femidiametri Q&acdri ex-
trema acmedia ratione fe&z.

DE QVINQVE CORPORVM
regularium defcriptiane in data(phara,
ex Pappo Alexandrino,

9

Lemmal,

_ Datisduabus circulis in fphzra parallelis,

dataquein vno eorumlineareta; ducarein
altero diametrum huins reGa datz paralle.
lam.

Lem-
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Lemma 1L

$i in planisparallclis defcripti fint dao cir-

cali,in quibns duz re@z parallcle ab{cine

dantarcus fimiles:Erunt duz re&z coniva.
entes extrema vnius re&e cum centro pa-

rallelz duabusre&is, qua extrema alreriug

re&x cum ceatro coniangaat,

Lemma III,

Siinfphzra fint due circuli garallcli, & 2
quales,in quibus d-:ctz fint duz re&e paral-
lelz, & zquales, ad caidem partes cencro-
rum : Re@z harum parallelarum extrema
pun&aad ca(dew partes coniungentes, =-
qualesquoque,& parallelz funt, &ad plam
circuloram perpendiculares,

Lemma IV,

Siin fphara fint duo circuli parallch, & e-
qaales,in quibus du&z fint duz re&z pa-
rallelz,& zquales,nonadcafdem partes cé-
trorum : Re&= linez harum parallclarum
extrema pun&a non ad ealdem partes con-
iungentes,in cenrro {phere (el interfecant;
ac proindediame:ri fpherz eruat, & inter
fezquales: k e&z vero lincz carundem pa-
rallelarum extrema pundta ad eafdem par-
tes conncttentcs, & zquales, & parallcize il;.-

ter fe
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ter (¢ funt, & cum paralichs rectos angulos
conftituunt,

Lemma V.

Siin (pbzrafintduzre@a parallcle; re@a
carum pun&a extrema ad caldecm partcs
coniungentes, zqualesinter fe crunt : Ecfi
parallele fint ®quiles , coniungentes non
folum zquales, fed & parallciz erunt, re.
&ofGue cam ipfis angulos conficient,

Lemma VI,

In data (phara duos circulos equales,ac pae
rallclosdefcribereita ve diameter (phara
fit veriulgne diametri potentia {efquialtera,

Problema 1. Propofitio 1.

In data {phzra pyramidem trigonam de.
feribere, ’
Problemaz. Propofitioz. -
In data fphera O&aedrum defcribere,
Problema 3. Propofitio 3.
In data{phzra Cubum defcribere,
Problema 4. Propofitio 4.
Indatafpbzra Icofacdrum defcribere,
Problema 5. Propofitio 5.
Indatafphzra Dodecacdrum defcribere..
' SCHO-
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' SCHOLIVM EX P. CLAVIO.
X bis, que boc inloco ¢ lib.13 ¢r lih. 14. de:
monsirata funt,facile etiam oftenditur , fi 63
mnia quingue corpora ngulam in yna cddem=
gue phera defecvibantur , maximum omnium effé
Dodecaedrum : Deinde Icofaedrum maiss reli-
quis tribws : Tervio Cubum maiovem veliquis dud-
bus:08 aedvum denique Tetvacdrocffe maiws. Ex
quo exidenter conflabit , Euclidem veBlo ordine
guingue bac corpora coftruxiffe, cam poft Tetrae:
drsum Ratim O aedrum non antem Cubum
sonflitsierit .Ita enim i minorsbus ad mas.

iordprogreffiu éft.

FINIS ELEMENTI XVI
& Vltimi.

Patgm‘ 216, Theoremate 6. dcﬁmth
duzFignra: A



