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guot fi fimul viente complelti fi f r
dr ﬁctlltmum Fd non-alibi
magis quam inlibro quinto li«
cebt intuers, f7 cus ﬁ;er:t 0-
portunum alios pafim com-.
meritarios cims hoc noﬂro con-
Jerre . Cwm'enim eins libri
"Theoremata in omnem Ma-
thematice partem vim baée-
e ampliffimam cernerem ;
non dhbstawi quin proxtmc
CUm primis’ natura promm- .
tiatis cobarerent , eajue pro-

_inde nona met/yado ad prima
Sfatim pmmpta rewocaui ; 4

quibus minimsm difceffifSent.

Quid enim attimebat per
> A 3  Mul-
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Multiplicium , ¢ pro"batia-
wum flexus Tyrosem circum=
ducere, [ propofitis clare ter-
minorum notionibus ad sp-
ﬁm quamprimnm Veritatem
magno compendzo poteratpe- |
metrare? Hoc (ane conflium
- meum vt vt accipiant alif,
obis tamé Auditorsbus mess
vfs 1pfo facile probaturum.
 ¢ff¢ confido. Satis cvero am-
plum mibi theatrum etis;ne -
que alind propofirum fuit in -
hoc opere recudendo , quam
fue/lrt: ﬁrum commodss, ¢
eam que mibi obrigit, Spar-
tam ornare pro Virsls; ad ca-
- . 18-
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" APPROBATIO.

Hic liber continens Euclidis
~ Elementorum libros fex priores:
frem Oratio R. P, CaroL:
Narapertii de laudibus

Mathematice, nihil habet ?uod
fidem concernat,eiuéaduerfetur.

Datum Duaci 20, Decembrise -

1619.
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Elementorum

LIBER I

- Defnitiones.

P Vo@um eft cuias pary
nulla. -

2 Linea cft longitadolas
: titudinis cxpers.

3 - Linez extrema funt
© punta.

4 Linea-re&a-cft quz ex zquo fuis

punélis.feu extrernis tnteriacet: Sime s

ins extrema obumbrant omnia medias

Aut | bresiffima sarnms , que inter dne

prndadusipoffunt, .

s *Superficies cft que longitedinem &

. Jatitndinern tantmn habet.

ict ; linez. )
_‘_‘ Superficici cxtxciagum = e
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12 LIBER I, -
7 Plana uperficies et qug-ex .qque.
fuiseztremis interijcitur. . . .
8 Planus augulus eft dua- . A
~rum linearam in plana fu- 4 ‘
perficic fe tangentium , & B c
nd indire@diacentium, al-
rerius ad alteram inclinatio ‘
Vtplansus anguiws eft A B C, que (5;
flituitlines AB, A C,queincodbpla. .
Bopafite nd iacis indiveBii, fiuenonef-
Jeifit vaicd lineam refia (> adfe mutso
nclinantur, feq, c6.51gunt in puntto B.
‘9 - Redtilincus-angulys eft qui rectis li-
neis conflitujtur.

10 Quando re@a fﬁbcg re- ]A

€ta confiftens zquales verim-

queangulos feceritreCtuseft DB C;
veerque angulorum ®qualid ¢

. quaautem aleeri infiltic, dicitur linea

perpeadicularis. .

" Siclinea A B infiflensipfi C D, eft
eidem perbendicularis , quin angnlos gus
Junt deingeps, A-B C,A4 B D,efficit aquay
lss & vterquz angmlasideirce oft vedius,
11 Obulusanguluseft, qui maioreft.

_xefto. : . o

12 Acutus,quire@ominor. . B A
V? obtyfs mgulus e A B C
major veifo EBC 5 aéntss CB B

verd S relominereil ABD. .
: ' . . 33 Tere
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. LIBER I. 13
13- Terminus cft quod’ coiufque eit
exremum. .

14 ; Figuracft qug (ub aliquo , autali-
quibusterminis tontinetar. -
;.g Clrcu[us cftfigura ¥nica AG
inez termino contenta, qui - At..gc )
circumferentii dicuat, 4 qua. 3\4‘ '
ad. . aliquod ‘puiétum intra
cententum omnes linex funt ¢quales.
¥6 DPun@umautem illud dicitur cen<
trum.In eirsulo A BC F centriieff D ex
gue linee D 4,D B,D C ad circumferie

_tiam duéte, omwesalic funt aquales.
17 Diametercirculi eft re@taper cen»

toum acta ;& ad ambitum vtrimque per-
n¥naa, Crinfmodiefl A C. 3 :
18  Semicircolus eft figura comprehen-
fara diametro & partc circumferentizy
qug diametre clauditur,vr 4 B C. .
19 . Segmentum circulieft,quod d sreéta,
Yinea & circumferentia continctnr, quals
M EFG. - o T
20" Re@ilinéz figurg¢ funt qug redis
lineis: contineritur, Trilaterz qug rribus,
Quadrilater¢.qua quatgor, Multilatcs®
qug pluribus. : ,
31 -Trilaccrarum autem fign- , A

. :?;um Triangulum ¢quilater@ )

ell, quod eria “PMBEEQ‘*“‘C' B g
B



14 LIBER 1.

22 Ifofceles feu zquicrus aut - B

gﬁicrurum triangulum cft quod A

uo tantum latera aut crura habet £F

 equalia . Quale eff triangulnm

DEF, inquo Auo tansumiatera D E,
D F, funt aqualia. , :
23 Scalenum triangulum K

eft quod omnia tria latera
haberinzqualia;ve GHK. @

24 Refangulum triangulum A
eft quod continet angulum re.- -
Gum.Taleeff ABC,inquoan- & y ]
gulus B, efiredss. -

a5 Amblygonium feu obtn: D
fangulum , quod angulum ha-
betobiulum.Taleest DEF, is T §
quo angulus E, o7} obtufns. B
26 Oxigonium feu acutangu. @
lum quod tres acutos habet an- A
guloss Dualee# GHI. =

dratum eft ;, quod zquilaterum
eft & zquidngulum, fcuquod & 3
laterz & angulos habet xgualia.

Vs 4 B CD. o -
28. Altera parte longius figura,

eft zquiangula quidemg . at %on !C’i
;%ugitacm: Bunls A fgwra. Xig

iy Inter Quadﬁhteias Qtia-’ ADR
[ §

29 Rhom-

P
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.talatera & angulos zquales ha-

. LIBER I. 1
29 Rhombus eft figura zqui-
latera non tamen zquiangula

Dualiseft 1KLM. i
30 -Rhomboides qux oppali- °

N

[

bet,non tamen aut omnia latera
aug omnes angulos habet ¢qua-
les. vt 0P @R, v
31 Alizverofigure quecunque %
quadrilatere vocentur Trapezia.
Quz irregulares funt & infinitg. VX~
STYX, &c: . -
32 DParallele lineg funt qug A4 —® -~ -
i eodem plano exiftentes, C—D
produétc in infinitum neutraminpand
coincident. Sew que pari vbig Batso in=
ey (e dsftant vt linee AB.CD.
Parallelogrammum vero cftfi- ER
ﬁura quadsifatera’ lineis parallelis
efcripta . Vs fignra EF GH, e yg
parallelogrammum - quin Aeferibi-
2ur liness 9 G, FE, paralelis, & lineis:
HE, GF, fimsilitér parallslis. - -

R
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"Pe)j?u(étg.j

1. Petatur & quouis puncto ad alind
quodlibet rectam lincam ducere pofle, -
2 Terminatam & re&tam lineam in di~
reCtum & continuum protendere.

3 E quouis centro ad quoduis intens

wzllom-ciréulum defcribere,

(ommunes notiones few -
Axiomata.

I Quzeidem fone ¢qualia, & ioterfe
funt zqualia.

runt xqualia.

3- Siabaqualibus demas ¢qualia, qua
remanent crunt aqtalia. _

4 Si inxqualibus adijciantur #qualia,
Widcrunt inzqualia. - - )

§  Siabinzqualibus tollantur qqﬁafia,. -

qug refmanent crunt inzqualia.

6 Quaz ciu(dem dupla funt , inter (e

fune xqualia.

7. Quz einfdem funt dimidia , funt in-

;er,(?{?ualia. i
uz mutuo fibi congruune, funt 2«

qualiainter e, graat, fne =

2 Sigqualibus addas zqualia, tora e«

9 Tol
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LIBER L 17
9 ‘Totum eft mains fua parze.
10 Omaes anguli reéti funtinter {& go -
quales. '

11 Siindoasreftas reGain- A \E B
tidens angulos intcriores & X

 ad eald€ Fartes duobus rc@tis CFV D

minores fecerit, coincident dux illg li=
nee, protradle in illam partem,ad quam
fpectant duo anguli minores reétis. vt ff

" inreitas A B,C D,cadensre3aEF, fa-

cint angsules internos ¢r ad cand? partd
AEF. EF Cminoves duobus veltss coin-
cident ills linee prosvadts verfus parsem
AC. R

12 Dug recte fpatium non compre=
hendane, - - e i

13 Partes omnesfimul fumpez (o to?

. ufuntzquales, &totum ¢qualeeftfbis
- omuibus partibus. o

Propofitionnm alis faiié’dum]liqqil
proponunt &r vocantur Problemataalie

.in folacontemplatione fiftuns qua ideir=

60 Theoremata inferibuntur.

Notg ad marginem.

- polt, - < Poftulatum.
AXx, Axioma.

. Def. id et < Definitio-

. Canft, ) Conftruétio.
Hyp. - Hypothefis.

Priox



18 LIBER I
Prior numerus aliquid cx dictis, po-
fteriorlibrum fignificat. Vedef.6.1. hoe
eft,definitio fexra libri primi, &c.
" Quando numerus folirarius apponi.
tur » puta 3. intelligatur propofitro ter-
tia, &c. ., .
Item cum numeras libri nen additur ‘.
intelligatur is liberin quo verfamuz,

e e .
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PROPOSITIONES,
“Propofitio 1. Problema,

Super datareilalineaterminaia trie
angulnm equilascrum conflituere,

' It data re®a - -
AB.Centro p 2
igitur A, fpa- .
" tio A B de- ) ;
fcribatur circulus BCD, & centro B,
fpatio cod ducatur circulus alter ACE,
rioremfecans inpuncto C, iunganturg;
retz linex C A, CB, & faltdeft quod
proyonitur._Rc&é enim A B, A C, (quid
funt femidiametri eiufdécirculi BC D,) :
inter fe funt & zquales , Gmiliterque ob a1s. def.
candem cauffam ‘¢quales fum re@tg B A, 1.
B C Nunc vero cum reéte A C, B C,vni
& cidem A B, zquales fint, erunt etiam
inter fe zquales; & fic trianguld A B C,
eft 2quilaterum " Super data ergo reéta
A B, conftituimus triangulum =quilate~-
rum,quod eratfaciendum. Itaconcindi
. Jolent preblemasa.

Pro-
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20 LIBER 1.

PG O R G T O

Propof.2. Problem.

Ad datnm puntinm data recle linea
aqualem reélam porere,.

Ay &t A,
fic coftitug- "\
d3 reta =+
qualis - ipfi

B C. Dunétiergo re&td A B, (nifi ante fit

ducta)fiat fuper ca trianguld & zquilate-
{8 ABD, & centro B, fpatio B C, du-
eatur cizrculus CE; produ®a deinde
D B, v{g; ad ambitid in E, centro D,fpa+
tio D E, defcribatur circulus EF, fecis
produdtam D 4, in F, & fa&i erit quod
petitar. Naquiare@z AF, B E, addi-
tis zqualibus AD, B D, fiunt 2quales,

b def.y, brinver fe ¢ crune zquales , quare re@a
en s, AF,ipfictii B C; daquabiselt. Ad pun-
dis.def Qi ergo A; conftituimus rc&3 A F, iph

B'C, xqualem,quod erar faciendum.

" Poffer isa conffitui puniium A,ut a-
lia quoque [t praxis huiws problematis,
fed in re facili Cr primis initijs morofins
agendum nen puto cum Tyronibus;quod
§dem Aewsito feq. prokl. & prop.7.

Pro-

— e e
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LIBER I s
FLREELEELLTIVELIID
.Propo. 3. Proble.

Datsh vectis tiness inaqualibus dema;
dore mineriparem auferrg .
T reflz A, cx maio- 5
re: B C, zqualis au- c
Ferarur;ad puntam B,po- =
natur B E, #'ipfi A; 2qua-  any
lis, Mox centro B,fpatio B E, flatcirene - 7 ®
los DEF, eritqueabfcifa ED , ipfi A,
Zqualis;nam vcrac&x:cipﬁ BE, eft zqua-
{is; A, quidem cx hypothefi, B D; autd '
quia eft ciufdem circuli bfemidiameter.. § gef,5:
Tt

" Proble.4. Theorema,

Duorum triangulorum filatns vnum
 vmi, & aliernm alreri fit equale,
. aygnliy, inter illa lasera consensi :
- Jinteriam pares, erunt & bafes a- '
w “gwales 'dr ipfd tota triangula: fd
-« religni anguls reliquss angulis
- pares erups, quibms aqwalia lasera
Jubtendumtwry . | - ’
H vifi



33 LIBER I
VT fiintridgulis ABC, A, »

-D E F, latus A B,lateri
DE, &latus A C,lateri DF, B
altcrunt alteri fic zquale (vel .
phrafi Grazca vtrumgue verique), fimul.

GE ¥

. que'etiam paresanguli A, & D,dictis

PYir’

ban,

lateribus contenti; Dico bafim B C, bafi
EF, eflezqualem, & cgteraconfequi ve
eft propofitum. Nam fi-intelligamus’
triangulum triangulo fuperponi ita vt
angulus A , congruatangulo D, con-
ruent a-latera A B, A C, lateribus D E5~—
F, -alterum aleeri, cui nempe cft zqua~
Ic'. Sed congruent etiam Ba(gs, ideoque
erunt zquales, cum enim punéta B,& C,
caduntin E,& F,reta B C,cadetinEF,
nam i fupra,aut infra caderet, dug rete
b fpatium comprehenderent. Duorum
ergo triangulorum j &c. Quoderar de-
monftrandum, 124 concludi folent Theg-
remALA . : o -

L Pn“oplo.‘. 5 Thco;fc; {

Trianguli Ifofcelis anguli ad bafins
. funt paves, i fi equalialaterapro-
ducaniur, pArcs quoquT erwIs A=
guls infrabam, - .
S . I

e

ot



LIBER ' 1, 23
10 N triangulo ifofcele A
S8 ABC, latera A B,
A C, praducantur vt Iuber, /¢
fumpradue vicinqut redta T
A D, ziqualis illi 4 ¢apiator .- .
AE, iungantarquerete, CD, BE.
Nunc quia triangula. ACD, AB E, fe
habent iuxta Prop. 4. eft enim A C, ipfi
- A B zqualis ex fuppofitione, &- A D, -
ipfi A'E, exconftructione , angulusque
, fateribus illis contentus cft commu-
. nis.Obhzcéinquanbafes DC, & BE, b 4. 22
funt pares,item§ue angulus Dyangulo E,
& angulus A G D, angulo A BE. Rur-
fus triangula BCD , B CE, fchabent
iuxta Prop. 4. Sunt enim anguli D, & E,
®quales & zqudlibus lateribus contenti;
srunt igitur anguli infrabafim DBC, . .
B C E, zquales;itemdue anguli BC D,
EBC: & quia totus angulus A CD,
- oftenfus cft zqualis toti AB E, ablatis
faribus CBE, & D C B, quircmanent )
. lupea bafim funt ¢ ‘zquales . Trianguli eaze s,
igitur ifofcslis, &e. - N :

oAt Pto‘



W LIBERIL

L REEE R0 0

Propo.6. Theore. -

- Sétrianguls dvo angnli fugrins aquae

v

" D jeruns & laseraangulis fbren=’

ﬁ ‘q“ﬂh‘.—’ .

I N triangulo AB-C, fi zqua- - _A E
les funtangnli B, & ACB, ‘DA
eriitetid [atera AB,A Cifub- B~

- t8fa didtis angulis;imverfe pqoa-

lia.Nam fi negasefle zqualia,fitalterum
maius, puta A B ; ex quo auferatur recta

. BD, ipfi A C, zqualis,ducaturg; retd

« conit:
é hyp.
€ 4 Lo

D C. Nunc veré eum duo triangula
‘A B G, CB D, habeantlatus B'C, com+
mune, & latera BD, 4 C A, fint 2qualia,
anguli§ue contenti B,& A C B, b zqua-
les erit ¢ triangulum D B C', tiiangulo
A B C, hocefttotum parti,zquale,quod
fierinon poreft. iergo trianguli, &c.

. Gonmertishac propofisio priovem part¥

fuperioréis : namibi sx agualitateintes
rum AB, > AC, colligebatur aqnali-
sai angulorum fuprabafim B C, bic ves
go-vick verfa ex equalitate dikorum

angaulorum colligitur equalitas laters.

Soles autem Ewclides eas tantum pro-
pofitiencs connertere, cm ad probas
, $io-

1




AIBER K 25 {
tionem -fequentisnm wwiraqué propofitve
eft adhibenda , hac eft taip canuertens,
quam conucrfa. '

* Prope.7. Theore. '

5L oah npud o SR IR S
Super redlalinea ductis ad quoduis
.« puncinm dushus retlis uon ducen
L awr flper cadems ad alind. punitune
verfis cafdem parses dug alia, fis
Yt qua ab codems ttymino incspinty
o fint equdlddy ;1. o .i. _
Y TR IO E
V‘\er reCta, A By-dudtisad e
S‘prfd&um C, d:;bus redtis 2
. A C,B.C,ducantur fifieri potelt: | g3
aligdug AD,D B,adalind pun4,, - .+
&umD, ltavtCA; lPﬁ D A,:(.ququ
habeteupdem tesmiaym A) &G D, ipll
1) B, :zqualis finducaturque infoperter -
S1GAR: quisigiar A G, AD, luntzr
quales,crpncaangualiA CD,AD C,in- s <.
gex (¢ 2quales ; major eripiproinds appus
fus 4 D C, angulo B CD, fmulto mac
forangulys CD B;.puacvero.quia C By
ponitur zqualis ipfi DB, érit aogulus
-'& CD.B, angulo B CD, zqualis,quita- & ~

{us muito maios,
. «fich ante exat often A t hon-

~

-~



26 LIBER I,
non exgo ductz fune binz zquales prio-
:ibus.‘&md'fuit demotfirandum: = .
Propofitio8. Theore.
v Sidwo tyianguls dué_ [‘ate_*g‘gdy_qu
" lateribms alernm alferi’ equalia
"~ hiabwerint, & bafims baff aqnalens;
: 'l"hdbeﬁﬂht etiam angnl)tm'lm_eribn‘
- oonseuthm eqmalons

BRIV A

< R e
I N triangulis ABCDEF;« A .
fintlatera AB, A C, ipfis G,
«DE, DF, aleram ‘akeri 'L
* gqualia,’ itemguebafis BC; T !
Bafi. E F. Quod fi negas angulos 4, & -
D, lateribus cotitentos pares effc,inellis
?’axu’f'xt_ia‘nguli A'B Cjtrianigalo DEF,
kY uperponistunc vérd deeellatio punttum
" Ajcadet’in D& icangulusangalo con.
et vevult propofitios  Ram rhon'cac
-+ deretin D, fed in G, autaliad punctum;
tunc dux reétx dvabus réQis zquales
ducerenturad alind pun&um, & ¢. quo
<ft contra pracedentem. Eff connersens
v

. Prime pares Propof 4. ’ R
, .. . Pro»



| LIBER I.
TR RE It
- Propofitio 9. Proble. .

Datum anguinm relilinesns fecave
T bifariame. | '

E X lateribus dati-anguli A
St B A C, fumatur recta BM\a
A B, velubet, &ipfipar AC, - /¢
nec non foper duam rectam

B C,fiattrifgulum zquilaterumB D C,
ducatarque reta A D , per quam angu-

Jus BA C,dividetur bifariam: nam A B,

A C, zquales funt ex conftru®ione, &
AD, communis , eftque infuper bafis

B D, bafi C D, zqualis,{unt# crgoan- ¢ 3,
guliB AD, CAD, zquales; quarcan- -
gulus B A G,diuifus cft bifaciam, Quod

erat faciendum. :

.Propolitioro. Proble.
Datam reélans finitam fecove bifus.
riants . -
- I-JSYGP‘“IR&‘ A B,fiattriangne © N

s zquilaterd A B C, cuius “h
angulus A C B, dinidaturbi- AR
fasid per ;o3 C D, & rcQa A B,
B2

AL ,
Vd o
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ixijpun&o D,bifariam quoquc‘fc-

o
, - Gaerit: Namuiangula C A Dy A
ADB

.
e

C B D,fe habgativxta 4.-Prepo.
Ergobaks.AD § DB, funtz-
gualcs.\‘ _ -
Propo. 11. Proble.

Ex dato funglo in lincarelta perpm-
- \dicularem cxcitare,,. :

I N re@a BC, detur pun- A
¢um D, fumantarfue ve-

- ‘cnmque ¢qualesreGe DB, "X G
‘D Cjindeluper B C, ftructo
‘sriangulo'zquilatero B CAjex A, du-

¢ éaturre@ta AD , & hecericad angulos

getos ipfi B C ; Nam latws D B, zqua-
Jeeftipfi-D C, ex-conftruitione, & la+
tus D'A, communebafiginfuper B A,
bafi CA, zqualis; fynt.4 crgo anguli
AP R, 4D, gquales.ad proinde ses

broddy SRR ADh popesdialipn.

3

0 IO
L. Proe=
SN , ‘
N i “o <
[ N
,f.l ia & i (1 s Iy ety
BN RS §
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 Propof. 12, Problem:

A daroestraredam infinitam o
e jaerpmdiculdrem ducere ad
= eandems velants

- o

 Erur Pén&um‘h s guo; g
centro, (patio quocung; A e
ducatur circulug dummodo 355 o
fecet reGam B C, infinitam v
feq quantum opus erit produ@am , du-
&isque rectis A B, AC, re®a B G, di.
tiidatug abifariam in D, ducasurgue re: « 104
&a A'Dj; & hzc cadem eric perpendis
cularis quafitd. Nam t}uia in triangulis

- A'BD,AD C,aquales

ales funt A B.4.A C, bdefng,
‘®qualesiteme¢ BD, D C,& A D com ¢ confly
munis anguli.,ADB, 4 ADC, ctuntd »,
2quales ac proinddcéd; 1deoquer ecta
A D, perpendicularis,
3 t‘_'.,h*«‘r
e e o
. B3 Pro- -
BT SR DR IS

- |
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| Propoﬁtio 13.. Theore.
R:ct?n faper rellam anﬁﬂms mtt

" duosrecdos aut duobus rettis ¢-
S gmales angulos facis.

AmreQa A B,confiftens .4
fuper CD ,autfacic v- =~ {/°
adef.;0. ttimque zquales arigulos, & C 2 B
: ‘ proinde reétos ; aut ingquales,
b a1, &tuncex punéo B, excitetur b perpen=
dicularis B E, quia igitur in angulo
A B C, continebarur vnus re@us E B C,
& infuper angulus E B A, qui cum ans
gulo A B D, facitalterom retum, retd
A B,conftitucbatangulos A BC,ABD,
sax.13, gquales ¢ duobus redtis. o

Prapofitio '14_. Tbcorc. E

Si ad puntum in rella linea datum

. " dug retianon ad cafdem parses du-
fgangulos efficiant duobus retlis

" wquales,indireitum funt ille lince.

. Nam
AN



s LIBER 1. .3
(. Y Amfiad pynGum B, du- "~ a4 o
scaatur dnz re&a CB, l £
B D, facientes cum re@a AB, 5 5
. angylos zgqales duobus re- . ‘
¢his, & negas re@tas CB, B D, iacercin
dire&um, jaceat ergo B E , in direttum
ipli C Byeram§uednguli A'BC,A B'E,
\\v zquales duobus_ reéis . At bog efle non
) > - potefl; nam anguli AB C, A BD, erant
‘ pares duobus redtis : pon funcergo pares
© duobys'reQis anguiABC., & ABE,
| waegliastotum & pars cflenc. xqualia s ed
neque alia duci poteft ipfi'C B, dacens in - | .
dire@umnifi BD ; ergo,&e. a0 et

' _ Propofitiors. Theore. " -
| Sidua recla [Zi:nnice'm fecnerine .m.. )
| gulos ad verticem oppofisos ga

} guales facient. :

R E&x AB,CD fecemfein A p
E, eritueangulos CEB,
angulo A E D (quidicitur illi "¢ 5 g
eflc ad verticem oppofitus ) - -
qualis : pam fiue A E D,fiue CE B adij-
< ciatur angulo interie®to A E C, confti-
tuet & aquales duobus redtis; quarca gy
anguli CEB, & A ED,} funt xquales. bax. 5.
, T B4 Siml= . -



132 A1 BBER 1. .
Similis demonflratio proccdet in refis
qu:wypoﬁrxs angohs ad vcmcemc .-

Propo Igf ’Phcor.c. :

Qmw trunguh qu hmre prvdu-

. €lo externms angxdm wrohbmn-n_
1eino é‘ oppq/}ta maior eft.

T in manoulq AB C

" prodicio’ Tatere ‘B c,
'&ngukrs internus' A C B ,"¢&

,\

«13  externo A€ D, valet s duos B

reos;ident’ autem internus A C B, cum
anguloB , non valer duosteddos:; alfas
bax. 11 enim rc&; BA, CA,nonb concurre-
rentin A, ergoexternus -A € D, malqr

effinterno & oppofito B. Deinge pro~-

duéto latere A C; fimiliter monﬂ:rahuu:

externum B C E , maiorem eflc angulo

A : arquiangulus A CD,ad verticen g-

¢35, Quals eft ¢ ipli BCE; eigo a.ngulqs

© ACD,ipfoer am A, eﬁ meor- Omnis

igitur, &c.

Aljger Triaguh AB (;

“fatere HC, produ@cin

D, laws A C bifecerur .
in E ducaturque B'Fita’
vt EF, zqualis fiar iph
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f BE, iongatur§ucrcéta F C, quierit a-
qualis ipfi A B: nim sdue laieraEB, 4 4,
EA, zqualiafuasduobus RP, E C, &
anguli comtenti-alquales ad verticem; -~ 4
“Tetangulaergo A E B, FE!C, fehabene * -*
juxta 4 Propo. & bafis FC,bafi A B, eft
. :xqualis., angulus item BA E, angulo |
~E CF; fed hic eft'pars anguli externi
) E € D, ideo§ue minor,quate & angulus
B A C, miiios ¢ft externo A CD.
T R
- ng’d"ﬁlz'tus B C, bifecetut - A
inE,proda&olatere A Ciin G, % :
& refiqua fiant vt prius codem "X <
modo monltrabitur angulam
* B CG, & proinde angulum A CD, qui
eft huic ad verticem, maiorem gffc ap g~
Ig, A8 C. Omnis igitur, &c. .
. .

~ Propo.17. Theore. |
T IRTERE T .

Qi wiangali dud angal ey
- T-Jmmqur fumpriminore ﬁmq

1y O du.bur“f}“; )

R S TV T R SURL T SIS .
WY Am fanguliB, & ACB,. 5
- 4 N now cffene iminotes ddoos A -

bus re@istez BA, C A, non! .

_«ﬂrexcnz inA, s . “8x.55,
w7 By AL _

5 s
t

T

¢
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+ " Aliter : Angulus C,internus - (A~
plus requiritquam angulum B,
wt fiat zqualis duobug redis; £
requirit b enim angulam exter- - .
wernil C , maiorem interno & oppofito ¢
B; funt ergoanguliB,& C, interni duon
bus reétis-minores . Similiteralio latere
produ&o de alijs quibufuis duobus an-

- gulisidem probabitur.Omnis esgo,&c:

Propofitio 18. Theore.
"Ormnis srianguli maius latus maioré
" angwlum fubtendis.

& Th trianguli A B'C, -

s

16,5,

maius eft lacus AC, - An .
-quim A B, maioreritanga- l%

lus ABC, quam angalus €, &

fubtenfus 4 latere minore A B : Syma-
wur enim AD , xqualis ipfi AB. Tung
werd quia quatia funt lacera A B,'A D,
anguii ABD; AD B, (ipra # bafim
funt pares. $¢d angulis A D B, cftex-
ternus & oppofitusangulo Cs ac proin-
de é maipr; muleo er%

o maioe eft, toms
angulns-A B C, angulo-C .: Otpni'f igie

sux trianguli & - o

. ’-t Y . '?rOE‘

‘1

1

v
h
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= .AD, zgualxgﬁnyﬁs AB, & BC;

[VEFFGEEITCOFEFT Y

"‘Prbpoﬁtio 19. Thcorc.-

‘ Or}mu trunguh maiof angulm mae

_ dorilateri appomtnr.

I angulus B, maxor{'npfo A
C,enit & latus A C, maius B
-qudm ‘A'B, ponenim eft.’
minus aucg ualc ;0am tunc an-
gulus B, eflct minor & aut zqualis bipfi « 15q
C, et crgo A ¢, maior quam AB, b5,

Qt_atc omuis tmugnh,&c

-Propof' tio 20. Thcorc.

Ommis xmngnl: duo latera quamg
dmmqne ﬁmpu, religmo funs
majora. .

: V T in sriangulo ABC, dx- b - 3

colatecra A B, BC, imul

. fompta effe maiora. :p(‘o AC; ¢
_producatur enim - A B, fic vt

BD, zqualis firipi BC, & promae

Nunc



AN

b 19,

# 20

8b SLIBE KA.
Nuncvero quiaBD,& B C,funt D
zqualia; erunt pares s anguliD, " Q
& B CD ; maior ergo vtroque ¢ -
cric tarus ‘apgulus AC P e 53]
“totum hunc angulum trianguli*tADC,
Jubrenditlajus A.D, maivx.uga,ci}.ktg- :
*&1'A D, ('quz zqualiscft duabus A B, -
& BC) quani3tus A Ci Omnis ergo
trianguli, &e. L -
i, - P S [ 4\“
e AT O )
;, Propo.ats Theore.
P e e DL
Si & ternbints ynitu, lateris in trian.
- gwlo dug retle intrg triangulngs
sungantur, evwnt bg lateribus ivia-

gwli piinoressmaiprens vgro enfili-
ium contincbant. . : :

~

‘i

V T itn'tria'hgfxlb AB Cdi- A
Meo'latera BA, A Cf’cﬂé’ S Ag
maiora rectis BD:&-D C, quat

- intratriangulum iunguntar in_

D' Namprodu&é lateie'8 D,'in Esla-
Rera B D, D C,'mimora (uie ipfis ﬁ E,
~E C; quandoquidem CE, ED, fimal
fumpta-maiora 4 fint latere D C,&D B,

" fit comnune; candetnuic ob cauffarh la-
tera B Ey EC,; minorefung ipls’ B Al
« o - . A c ‘
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AClateraergo BD, T C, multomi-
nora fuptipfis:B A,  A°C.’ S¢cundo an-
gulus BDC, externys b majoreftin. & 16,
rerpo-&:oppefife D BIC ;1& hire nidios
ipfo A, interno & oppofito; multo erge

tajor eftangulus BD €, iple angulo

)

A, Sieigo, &c: T :
Propofi. 22 Proble.

et t e 3 »
'Z%'iang'}duquipﬂimgr){ cHinh li':;fa
: gribwsdasishineis fint aqualia, o-
portet antems duiss quomodocungue

.. Jumplgs reliqua’ ey mitiorcs, - 4 2o

-

, T s
) Enwr tre refie’ -’

X7 AB,C, &.ipfiy, t o

“fumantpi ordine pg{ [ ]

 quales DEEF,EG: CBA

- tum centro E, {patio, E D, ducatur cir-,
culus'® H, & centro F,interuallo F G,
ducatur circulus alter G H, fungantut-
gueret¢ EH, F H, & faGum cft quod
proponitur . Nam in triangulo E H F,
re@a E H, aqualisaeftipfi D E, hoc cft « lf.de&'-

- fyﬁ’K, EF, ver6ipfi Byacdenique FH, & conll.
ipfi FG, hoe cftipfi C, \

oo S . @

Pro.:
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Propofitioas. Proble.’

-yfd dd!lm;'in mﬂa\ pnné‘lhﬁ . )4;0 :

angulo aqualens angslum r¢ili=
’ linewm poncre,

Eturangulus A, cui

‘ _ 3 A
ad pundtam B, in- - {7 A -
Je&a B C, zqualis fitpo- CHFDHR

mendus.Sumptis vicunque -
in lateribus dati anguli punétis D, & E,

" iungatur @D E s conftituaturque

triangulom B C F, 4 cuius latera fint tjis
bus lateribus ipfius AD E, ¢qualia, ita
v¢ B C, parfitipfi AD; BF,ipfi AE;

e

- CF,ipi DE: Quo fato triangula fe ~ .

habent iuxta 8. Propo.* Quarcanguli A,
& B, zquales, & fic faltum cft quod crat
* propoficum, o :

bl

Pro-
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Propofitio 34. T heore.

S duo triangula duc latera equalia
alterum alseri babnerins , & vni
: " trianguinm habegt anguivms lntee
- wibas. contentum maiorem , idews
- guoque babebit bafim, bafi alterins
trianguli maiorem, L
TflilateraAB,AC, o D
b “zqualia fint lateri-
us D E, D-F, & angulus .
A, maior ang,nlo E%fF,~ BCFE
maior quoque erit bafis BC, bafi EF.
Nam fi fiatangulos G D F, ipfi A,2qua-
lis,& latus D G, ipfi D E,fitzquale,iun- -
ganturque retz GE, GF,angulis® ¥
DGE, D EG, pareserunt,quare totus
FE G, maior eritquam D G E,& multo
Joaior quam FG E,quare reCta bGF, & b 195
huic zqualis B C, maior.eft quam E F.
*Siduo ergo stiangula; &c. -

s

RS e e 2;0.
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'wwwwwwwwwﬁ

Pm@of TR Thcm'c..
*S: dno erumguu duobm lmrxbx& dno

Natera gqualwlubuermt alternm

alteri s bafim wera bafi maiorem,

- m;m‘mn aians maiors lmﬁ oypoﬁ-
- WS- maioTe RS Mebm o

NAml'panafmlztera ) A D

AB, AC,ipfis DE, A A
DF, & ;bafisBC, maxor , (.E
Bafi E,E hnoulusA maior ;.

e —— -

eritipfo D} £ epim aug guakaeﬂqtl};t o

_hinar Yafig ;:nam\,E F, iph B.C, xqua-
lis aeffct, aur b minox; oontxa hyBOthﬁ'
ﬁm S:etgo&c--, oL

Srduo trmngnla dtm angulo: Jﬂahql
angwlis parss. babuirint alserans
alteri, &rvnnm lasus vni laserie.

~Oigle, fiue quod adiaces angulis &~

qua =~

\
.
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t ' gualibus , fike guod vni aqualism
. ‘”g.“lgr“mf”;tﬂ‘"dﬂur,,‘ erHnt d‘

" Yeliqua Yasera alterum, aljeri g

A q_u[ia',é“ (’eliqq'aq angulus religno

- '¢‘qu41if~.'\
B ol

o Q Intinuijgulis ABC, A p
AIDEF,anguli B, & - /'
A C'B,¢qualesangulis E,& e
“F.fineg; grimo laéra, BC, ”f C LP‘,
"E¥, (qux'adiacent angalis zqpalibus &
“xquali{ fam 6 lates B'A,non'eft 2qual
lg ED, firillo mg‘us. & tx co lumatur
‘B G, zqualis ipfi E.D, tunt vero duita
C G, duo lateratriangulotum BG' C, &
.EDF, Zxqpalia funt, & angwlic prgx:
B, &E, gqhales xmdélh dngilhl ¥ s
.G C B, pares erunt; quod clfe non poy
teft ; nam hi¢ angulus eft’ pars ipfius
A C B,quj zqualis ponebatur ipfi Fnon
eftergo maior B A, quam E D; {cd ne-
que minor,alias lateri E D, eadeayquzx
prius applicaretur-denoh Ratio’; er
mqualis;& run¢ triangula BA'C,EDF,
fe habent iuxta 4. Prop. & Tarera hateri®
bus, anguliitem angulis correfponden-.
. “tibus funt xquales, Sint fecundo pofitis,
vt prius,angulis B- & AC B,ipfis E.& T,
“gqaalibus,latera ED, B A} (fubtenfa ag‘:;
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%ulis’gqualibus ACB, A .p
DFE) zqualia; iam fi _GA /.
B C,non eft zqualis ipfi sac  EF

E F, finmaior, fumaturd; R
B H., zqualisipfi EF, .duftague A H,
probabitur triangula BAH, & ED F,
effe iuxea 4. (funt & cnim latera BA,
ED,item BH,EF, zqualia & anguli
contenti gquales)quare angulum BH A,
parem efle ipfi F, cui cidemn axqualis oft
A€ B; quod fieri nequit: nam fic angu-
lus A H.B, zqualis cffet interno & op-
Ppofitoc ACH;'non cft ergo B C;maiaz
‘quam EF, fed zqualis ; quare rurfus
triangula BAC ,QE D F, funt inxta 4.

Propo. & caterafequuntur ve prius,.

- Propofitiozy. Theore.

s 10,

Siin dnas veGlas reclaincidens angu-
los alsernos pares fecevit,parallele.
erunt ille linta,

O Int duz re@z A B,é D, in

A B
quas cadat reta E F, fa- == a
ciens angulos alternos AEF, TF p -

E F D, ¢quales; parallelg ergo ‘

cruntre@tz A B. C D; nam ficoncurre-
rentin G, & feret triangulum EG F, of-
fer angulus externus A:i.-: F , maior 4 in-
. : - ks

e —
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rerno & oppofito E¥ G, cui poncbatur
'¢qualis. Eadéfiet demonftratio fi dican-
rur ¢Scurfure verfus A : neatram ergo in -
partem concurrent,fed (unt b parallelz,. b def.ya,

Propofitio28. Theore.:
Si in duas retlas reila incidens anghw.
 lum externum interno. & oppofire

ad cafdem partes equalem feceris,
_ Autdnos internos ad cafdem paytes

" equales dwobus veélis *, parnficla

- Jomsillg linea, . :

Nduasrectas AB,CD,in- R
cidl:ns E F, faciat gxém};‘: an- -’—‘5%—::

uilum externu:n . 'ﬂ:

quflmin:'emonc H D,&LF- <%

foﬁro ad cadem partes,quiaerzo angue

dus' EG B, zqualiscltsanguloadver- « 15,
ticem A G H.erlitangulialicrni A G H;
-G HD, gquales ; cum aquales fint vai
tertio EG B ergolinez A B.CD,bfunt b an, -
parallelz . Faciat ecundo reéta EFs an-
.gulos BGH,D H G, internos ad eaf-
dem partes, gquales duobus rectis ; quia
crgo angulus EG B, cum angulo ‘
B GH, valecduos ¢ reftos & ‘cum: €0- ¢ 13
dem B GH, angulus @ HD, itidem e
valce duos re@os , fequitug 4 anguhcl;ﬂ da%, 3.
. - %
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excernum EG B, zqualem effe interno

"G H D, quare per priorem partem hu.

ius Propo. reétz A B; CD, funt paral-
klg., - . -

Propofitio 29. T‘I_lédr_é.-:

Si:\jr“eéta m parallelas incidat anguli -
<" mterwi ad eafdem parres dnobus

. Yelhis gquales eruus s apgali iters
“<ultervrinter ¢ dqualet ; ac denigue

angwlos externus interne & oppo-
. fraerit equalis; B

IS . ~

wrT ﬁinpa’i’allcl‘as'AB.‘ )

/ CD, cadatrcéta EF, 292
primo  angult intéthi tam _C Fﬁﬂ

-verfus A, quam verfus B,pa-

res erunt duobus redtis: nam- fi vesfus ak
terutrd partem eflent minores, linez ex

© ea parte aprodui&® concurrercnt, quare

contrahypothefin ‘non effenc paralletx!,
Sccundo quia- angalus D H G, um

-eum angulo HG B, qudm cunvaugule

C H G, valet duos rectos, fequitur an-
gulos HG B; b & CHG, quifuntal.

serhijinter fe elfe Zquales.

L iR ke STegs

i3
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~ “Tertio cadem ratione quia BG H,a-
uecam exrerno EG B, finccumiintetno
G H D, valet duosreftos, fequiturexe
ternom. E G B, parem cfle jnterno
GHD .Sicrgorela,&e.

. Propofitio 30, Theore.
" Quecidem vetle fon pavallels, ik,

" ser G fums pardliely. .
C Intrez A B,CD,paral- 4 &/a
w lele igﬁ EF, inquatoms £y 2 A
nes cadacre®a G H. Quia g Co

ergo-A B, EE, ‘funt paralle- - €/ D.
lz,anguliakterni AG 1, GIF, funta2- « s9;
quales : Sed angulus G1F, gqualis eft

b interno & eppofito IHD; (cumEF, & a9,
CD, ponantur ciam parallelz ) funt

&£1go inter [e o zquales anguli, AG H, caz 1,
GHD. re®aergo G H, cadensin re-

‘@as AB,C ﬁ , faci!anghlq‘s aliernos
iquo_.k‘c,idcdégé retzilly funt d pasal- 4 270

Zky oo

N !
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- Propofitio 31, Proble.’

Per datnm punélum lincam dasg res
laparabelam ducere. . < -
,D-J;Ztuf re@a AB, cuiper 5.

pun&um C, ducenda fic . ==

parallcla. Ducatur ergoves DB
cumque ad retam A B,reta S

#23. - D C, & angulo CD B,conflitnatur » 2-
b27. qualis ECD, eritquerc@a E C, bipfi
AB, parallcla; pam anguli -alterni

. ECD; CDB, fantpates. PR

_ Propofitio 32. Theore.:
-~ Omnis trianguli vno lasere p?odmf_?a

externus angulus dyobus insernis
/G oppofitia eit agualia, o 1yes ine,

" terns duobus reitss funt aquales. .

T Riai:guli ABC,produca- 4 g
. tur latus quodcunque puta

¢3t. -BCinD,ducaturques CE ipi LV
- ABpanllela, Quiaergo AC Bob
. ca=

e ——e e e

———
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caditin parallelas AB, EC, angulus &
A zqualis eft alterno A CE, Rurfus
quiare&ta B C, cadit incafdem paralle-
Ias;, ‘huguluss EC D, cxtetnus zqualis
eftinterno B . Totus igitur ACD, ¢-

b :,:

¢ 39,

qualis eft duobus internis A, & B, & -

probaia eft ‘prior pars propofitionis .
Nuancquia'angulus'A C B; cum externo
A CD, valet ddoos retos,idgm AQ B,
cum duobus A & B, valebitduos re&tos,
sum A, & B, oftenfi fint pares ipfi éxter-
no AC D. Omnisigitar srianguli, &c.

. Corollarium.,. .
" Hinc manifestum eft in omni qua-
drilatero quatwor fimul angslos guae
enor reclis effe aquales:viam dulla vea
Eiacx unoan u?o imoppofitum , quse
drilatersm d,‘xguide’tur ipdua triangn-
da.que fingnla habent angulos pares
ewobus reitss, angwli ergo totiss quar
drilaterivalent quatnor reflos . TVt
appares in fignrafeq. prope.

~r

o | Pro-

L

’

.

4 13.

v



BERERGAILEEIII0LY -

b3z,

48  LIBER I

Propofitio 33. i Theore.

Linegreéle que aquates & parallela
. adeafdem pariesiungant , funs &
. pfe aquales ¢ paralicle. A
- 5 ..’ .0 Lo [ A
T E&as AR, CD; zquales..” g o
N & parallelas inngant ad "'7\217“
ealdem partes duz alig AC, C P
B D, ducaqrg; reta BIC. Quizy
ergo reétx-BC ‘-thﬁgif le elas AB,
CD; anguli galtermit ABC, BCD,
patesfant: Nudc vero quialaéra A B,
CD, funt zqualia,& latys € B, cft cOe
mune;anguliquecontend A B.C,B CD,
fune zquales, triangula A B C,BC
Tunciuxta 4. Quare bafis-A C,bil B D;
eltqualls (‘quz el -priofpars prépofis
ftioms) & infiperiangalnsC\B:D v an»
gulo BC A, eritzqualis., Nuncergg

- quia in duas tetas 'A Cy B.D, cadens

re&a B C, facit angulos C B D, B C A,
alternos £qualds; parallelz f Yo' ALC}
B -

NoRant | PIO-

' '

]

!
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' Propofitio 34. Theore.

« Parallelogrammornm [paviorwms ope ~
., pofira lasera ¢r-angwli fums equa-
) lia; ipfag, parallelogramma s Ain-

. wetrofecantur bifarians o

: N Am in parallelogrammo 5

o AD; dutadiametro BC, /=
angolialternisa ABC,BCD, C D #3239
fone gares, & turfus zquales
funtanguli CBD, B CA ; quia ergo
triangula AB C, B CD, habent duos
aogulos pares,& larus B C,adiacens x- -
qualibus angulis commune,reliqui® an. & 26
guli A,& D, fune pates, & latera omnia,
-& anguli correfpondentes funt 2quales :
tota denique triangula ¢ xqualia funt. ¢4
Quare parallclogrammum A D, bifarid
fecatur d diametro B C . Igitur paralle-
Jogram. &c. : -

’

‘ C.'i - Pro-
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D BF.inquibusJlatus A C,zqualceft s
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Propofitios. Theore.

Farallelogramma fuper esdems bafi,
- @ in esfdem parallelis conffuusa,
inter f¢ funs aqualia, T

S Vpercadembafi AB,con- ¢pep
vJ ftitata fing duo paraliclo W
gramma A D, A F; fimgue C
A B, CF lineg parallelg Con- A'B -
fiderentur deinde duo triangula CAE,

iph DB, & CE,alteri D F: nam C D, ~
E F, zqualia & funt vai & cidem AB, &
addico communi D E, linexa CE,DF, "
funt pares Sed & angulus BD F, gqua-~
bs eftipfi C,cum in recas C A,D B, cs-
dat CF : funt ergo sriangula CAE,
DBF: iuxta ¢, & vndique zqualia, |
Quare ablato cdmunisrianguio D E G, ;
trapeziarcli®a CD G A,FEG B, funt
gquaha ; & additocommuni triangulo
A BG, paraliclogramma A BC'D,
ABEF, funt parize

i
I
i
i

Pro-
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Propofitio 36. Theore..
Par?’llelogrwmnﬁper gqualibus ba-

Sibws, & in eifdens parall:lis coniti- |
 amta inser [¢ funs equalia.

J Sxm parallelogramma A €, ApEH

E G, inter iarallelas AH,
B G, fuper bafibus paribus CFG
B C, FG. iunganturque reGtz
BE, G H: quz quiaiungunt zqualés &
acallelas B C,E H.funt & ip(g 4 zqua- « 347
es,& parallel: eftfue E B C H, pasal-
lelogrammom & aquele tam ipfi AC,
cum fit {upereadembafi BC, quam al- 4 1.
_teri EG, cum fit etiam fuper cadem bafi
E H.Sunt ergo & extrema pataliclogri-
maAC,EG,cxqualia. o ax 1,

" Propofitio 37. Th.corc.“

Triangula fuper cadem bafi & inter
rralklac cafdem pofita, funt £944°,
%,

- - - C: 7'~T~Sintr
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Int triangula A B C, ADY’
) D B C; fuper cadem ba- w
fi B C, inter parallelas BC, $e
E F, ducanturque reétz E B, _
‘F-C, parallelg1pfis A C, D B. Quuaer-
§o parallelogramma EB,.CA,DBCF,
unt {uper cadem bafi - B-C, &intereal-
dem parallclas,s erune xqualia. At trian-
gulim A B C,cltdimidium & parallelo-
grammi E C; cum§; triangulum D B ¢,
alterius pa_xalldogrammi BF, fitettam
dimidium erent triangula A B C, ¢

D B C, inter fe zquaha, quod crat dg= -

) mon(haqdum .
Propofitio 38, Theore.
Triangnla fuper agualibus bafibus &

in eifdems parallelssfunt aqualia. -

TRiangula ABC,DEF, AGDH"

fint conflituta vt propo-
nitur, ducanturd; etz C G, L
I-:H, iplis A'B, D E, paral- BCER
lelg eruntque paraliclogramms B.G ,
E H, jux:a 36.xqualia; vode horum di-

"midiahoceft atriangula ABC, D EF,

grunt z,qua_h'a., .

. PrO:

1
|
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Propofitio3s. Theore,

Triangula aqualia [wper cadem baf
" G ad eafdem partes conSticura in
eifdem funt parallelis,

-Amﬁn‘ii(guhABC A Dhror
‘D 8 G, luper cadem '
bafi B C, ¢conftituta, fintg- p°g g¢c
alia, & negas tamenre-
amex A, per D, dutam iphi B C, cfle
allelam; ducatur alia quz fit paralie-
2, puta AE, cuireta BD, occurrat

in pun@o E : du@tiergoreti C E, erit -
triangulum A B C', xquale a triangulq « 37.
- E B C,quod fieri non poteft : nam trian-

gelum D B C; zquale ponitur eidem

‘triangulo A B C; ergo totum & pars vai
& cidem effent zqualia ; non-ergoeritas. _

lia quam A D, parallelaip(i B C.

{
AN
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Propofitio 40. Thcqre.
eALqualiatriangula ¢r ad eafd€ para

\

N ges_jwper gamalsbus bafibus conftia
tuta /£m inscr cafdem parallelas,

N AmﬁuiigulaA BE, ApA Y
D C E ,/pofita fint

«qnalia & fuper zquali-
bl?l bafibus B%, C (IIZ. ne- BCE BCR .
ges tamen reCtam A D, ipfi BE, effe
patallelam, fit parallela & F, cuioccur-
© rat CD, inpun&o F. Tunc veto datd
“a3s. FE.triangulum F CE, erit4 gquale ipfi
: B C, cuicidem 2qualeponijtur trian-
gulam D C E; erunt crgo pars & totil
cidem zqualia,quod effenequit. Er banc
manifellumeft effe conuerfampropo.3 8.

Propofitio 41. Theore.

Si parallelogrammum & triangulums ‘
- eandem babuerint bafim fintguein
yfdem paraliclis erit parhlle?agr&'-

mum duplums trianguli,.
Siot
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S Toe parallelogrammu ABCD, ADF -

& triangslum EB T, fuper W
eadem bafi B C, & inter pa.rallc B¢
lasAE BC; ducaquuc AC.

Quiaergo mangnla ABC, s E BC s 37
funt aqualia, & A B C,cft dimidium pa- :
sillelogrammi- BD, fequnurcuam wid~
gulom E B C, ciufdem paraﬂelogrzmxm
cfle dumdmm. _

Propolfitio 42. Problc.'-

Dato triangslo aqualc parcﬂelogrc-
-mum conflituere in dato angulo
nﬁthmo .

Tot danmzngnlu ABC GF¥ A
& angulus D, barqnc _&m
BC, %ﬁ'anam fc&a inE, = F
-ducatur A E, agaturque B
perAreda A G, 1ph BC »parallela, mox
ad E punétum ; facto angulo FEG,
bipfi D, ¢quali, educatnrex C, re@a b 1o
CG,lpr FE, paml]eli Qpuia crgo trian- -
ﬁnh ABE, AEC, fuper ¢ aequahbus: 38,

afibus B C E C fun: zqualia ;
uxan.
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tiangulum A EC, paallelo~ Gy A

rammi {upercadé bal EC, ..
%«mﬂru&i d cft dimidium, fe. * A‘Cizg
quitur cotum crianguld ABC,

efle zquale parallclogrammo EG. Dato

crgo triangulo &quale parallelogrammi
confticuimus » babensangulom FEC,
dato angulo D, zqualem. .

Prof:oﬁtiib 43 Thébrc;;

Omnid parallelogramsi corums qua
circa diametrum funt paraliclo=
grammorum -complemenss. funt

. .dmser fe aqualia,

Irca diametri KN, p B %
araﬂclogrimi LD, Z ‘
conﬁﬂan: pacallelogram- 4.
ma F M.E H, complemé- KML
tavero quz dicuntur, fint. ‘

El\

parallelogramma DG, G L, per qu‘z.

diameter K N, non tranfit; _quia igitur
diameter K N, diuvidit bifarid triaparal-
lelogramma DL, FM, EH, & erunt
triangula K FG. GE N, ¢qualiatrian-

' gulis KM G.GHN,fed&totd KD N,
~ totitrianguloKL N, ¢qualec(t: com.

ple.
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. plementaergo DG, G L, funt b etiam 4 ay, 3,
¢qualia. '‘Omnis €rgo parallclogram® )
‘mi, &c. C '

Propofitio 44. 'Problé'.\

eAd dasam relfam parakellogram-
mum constituere , datotriangulo
aquale,in daro angulo reSilineo.

Itdatarea A, A DEN
tiangslum B, & /7 AF
anguglus 7. : Fiat é%
deinde paraliclogra- .
mi D G, a gquale triangulo B, habcat?l; 442
angulom E G F, angulo C, zqual€. Po )
hzc produttolatere ¥ G, in H, ita vt
GH, fitgqualisre@a’A, per H, agatur .
L N;bparalielaipfi E G,& becurtens la- b 3,
teri D E,in pun&to N. Rurfus produtto
latere DF, ducaturex N, diameter per
G, occursens jpfi D Fiin K,ductaque per
K, recta K L, paralicldipfi F H, latps
E G, producaturin M . Quo facto dico
parallelogrammum G L, efle quod peti-
tur: nam quia complementa ¢ funr zqua- ¢ 34"
fia, com compl¢mentum 4 GD, firz- d confhs
quale triangulo B, erit etiam G L, ei- < -
gcm B zquale; fed & angulus MG H,
" ®qualis chtangulo FG E, oppofito e ad ¢ 153
C 3 yer-
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verticem, quare & ipli C, eritzqualis;

- eftque re€taG H, zqualis datzrelz
A : fgitur ad datam rectam, &e.

Propofitio 45. Pfobl'c».

Ddta relilineo Aqmle pamllcbgn\?;
- mum conftitucre in dato angule

reclilinee .

It daws angulus E, roxp A

& redtilineum dA&B ) . LE
D C, in quo dultd ° 3
redti AD,ﬁat?aarallclo-' ML PO
gramum FI, 4 zqualctriangulo A CD,
m angulo H,qui fitiph E,xzqualis : pro-
trahatur d¢inde latus H 1, & ad rectam
Gl,inangulo GI L, (quieftaqualis

ipfi H, bquare & ipfi E,) fiat parallelo-
grammii G L, ¢quale triangulo A BDy’

eritquetota figura F L, paraliclagram.

¢conft. mum,re@e coim FH, K L,cidem¢G I,

d jo.

ideoque ctiam inter fe 4 fune paraliele.

Etquiatota HL, eft vnica re@a cuius

econft, partibus partes lineg FK, funte paralle.

f 34

lx ipfa etiam F K, erit vaica re&a (quod
etiam probari poteft quia anguli H, &
“FGI,itemgueanguliL, X K G J, f2.
quales funt; Sicusergo anguli H, & L,
va-

.



~
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valent g duos reftos ita etiam anguli g 29.,
FGI,KGI, ideoque FGK, eft & vii: b sag
Carecta ) acpropterea figura FKLH, ,
eft pdrallelogrammum zquile dato re-
&ilineo, vt pater. -

Propofitio 46. Proble.

A dusa recta linca qtudramin dea

feribere.

Itdatare@a AB, adcuius C D
extrema A & B s excitentur l‘“l 4 1.
perpendiculares CA, D B, B .

ipfi A B, xzquales, iungaxuxékue

reta C D, & conflitutum cit quadratdi.

Cum enimanguli A & B, fint redti, & & 21,
erunt A C, D B, panallelz, fantgue €d

€ ¢quales, quare C D, A B, funt quoque ¢ coaft,
paraliclz & xquales ; atque ita tria reli- ,
qua latera ipfi A B, funt gqualia, & figu-

ra-eft parallclogramma cumque anguli

. A & B ;fint d re@i ¢ crunt eriam oppo- 4 confl

fiti C, & D, re@i: quarefigura AD.cft ¢ 34
quadratumy, cx definit.27. -

~Cs  Pro-
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: I N triangulo A B G, angu-

- Jtem flat fuper latere B C, an-

60 .LIBER I
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Propofitio 47. Theore.

In rellangnlis triangulis quadratum
. quod & latere reltum angalum fub-
sendente defcribitar ,aquale eft dno-
bus fimnl que i larerib.recium an
gwlum convinentibus deferibumtnr,

qﬂldrd.tlo‘.‘ o

A C,quadrataB G, GH. . K

golum reftum fubtendente quadratum

It
Ius B A G, retus fir,lane. FL YT
que fuper » lateribus AB, 3Y/Tf6
b -]

" B K, quod dico zquale cflc dvobus alio-
.. rum laterum quadratis fimgl fumptis :

du@ienim A E, parallelaipfi- B D, iun-
gantur etiam rectz A D,F C. Quo facto
wriangula A B D,F B C,funt juxta 4.nam

latera BD, BA, ipfis B C,B F, 2qualia

funt, & angulicontenti FBC,ABD,

™ @quales, quandoquidemanguli F B A,

‘CBD,-reéti finr & angulus ABC, '

.communis ; triangvla ergo A B D,

FBC, vtdixi, ¢ funt zqualia : fed
S trian;
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triangulum A B D, eftdimidium e pa. ¢ 41
.rallelogrammi B E, cum fir fuper cadg
bafi BD, interparallclasBD , AE, &
cifdem ob caufas triangulum FB C, cft
dimidium quadraii B G ; quadratum er-
go B G, gquale cft parallclogrammo
BE, cum corum dimidia fint paria.

Quod fi fmiliterpun@a B I, A K,dudtis
lineis iungantur, eadem planc methedo -
probabirur parallelogrammem E C,°
quadrate C H . efle zquale, Totum igi-
turquadratum BK, reliquis duobus -
quale eft. In retangulis igitur, &e.

Prépoﬁtio 48. Thcgré.'

Si quadratums ab vno triangali late-
re defcriptnns gquale off dmobus
veliguorum laterum quadratis ,
angulus quem reliqua latera con=
sinent eff redins,

I N triangnlo A B C, fitlatus .
A C, huiufmodi, vt cius qua- B
dratum xquale fit quadratis ~
duorum reliquorum lateram .
AB ;B C; dicoangulum A B C; con=
tentum, ijdem latcribus cffe “&1':1:; ‘
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ks

Nam fiducaturex B,ipG A B,

zqualis , iungaturue re@ta
A D,twnc quiaangulus AB B,
zectus eft, erit quadratum ipfius AD, z-
qualc quadratis 4 retarum AB, & BD,
vel B C 3 cumque quadratum _ipfivs
A C, quadratiscarundem A B, B C, po-

-
. perpendicularis BD,ipfi BC, A'
A C

* patur equale,eruntlineg AC, AD, 2

quales inter fe. Quia ergo duo triangula
ABC, ABD, habenttrialaterad z-

qualia, funt etiam anguli omnes xquales

qui fibi refpondent : vnde quia angulus
ABD, retus eft, rectus etiam e

A BC; fiergo quadratum,&c¢. Ef con-

uerfa precedentis, ve fatss pasets .

e A
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Definitiones.

PRSRT) Arallelogrammum: retan-
4C) gulum continen dicitur fub
doabus lineis quz reCtum
angulum comprehendunt.

V T parallelogra-

mii yelanguli - A___ B

- A B DC, cétinetur 4 24-_1‘
Jubreitis A8, AC, D
continésibus angulii c ¢
vellil A. Item fubre8is A B, BD,tve. -
vnde fi intelligatur latus AC , duci in
s0tii latus A B,peragratur tota guatitas
Aatirelliguli. A1g binc etid wananit il-
lalogutdi formmla in Arithmeticss,que
dicimsus vnum numsyrum duci in alinm,
fen multiplicayi per alinm ; [i enim la-

© tus AC, fis 4pedum, &0 A B, fox pe-

. dumducendo 4 in 6 inusniatny aven A4~
sive@angulipeium quadratersm “’ln
R , 3 Is

»

-
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2. In omni paraliclogrammo fpatiov-
num quadlibet corum quz circa diames
trum f(ipt patallelegrammorum cum
duobus ¢omplementis Goomon véce-
wr. ' ”

E B

{
l

T inparalleligrd- €
o AB, parale- F \x ‘
Lgrammum L M, tum [ X M ,l
\ dwobus - complementis 3 p ‘}
‘t

E M,L F,vocatur Gno-
mon. Ltem parallelogrammum F Eseum
dwobus ijfdem complementis eft Gnomon, |
Salet autern Gnomon defigmari hinea _1
cnrus que tranfit per somplementa &
paralclogrammum intermedium qualis
ef HIK. ’ |
Nomen Gnomon affumptum efle vi-' |
dctur ab infirumento fabrili quod Nor+
mam autangulum reum dicimus; gal-
licé une Efguarre, hac enim figura, pura”
HIK, applicatur inflar illius inftrg-
menti parallelogrammo FE. -,

Propofitiones. . |
Propofitior. Theore.

Si fuerine due relle quarum alierq
Jeceswr in quoichngue fegmenta,
re=

b

b
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vellangulum fub duabus illis vetis -
contentum gqualeevit ommibus fi-
mulreilangulis, que fubmfellaly
partibus linee feéle continentnr.

QC Vbre®is ABLAC,c6 AEYX ¥
tincatur reétangulum
AD, retique AB,vt

cun ucdiuisiiqn E, &F CGHD

dicarur FH,& EG.ipfi BD, parallelz ;
eruntg; A G,EH,F D, rectangula;nam

. .angulus EG H, ipfi C, acft xqualis, & « 29. 1.}

omnes alios facile cft oftendete alicui re-

«€to efle zquales , Manifeflum cft etiam /

' re&al;gula partialia AG,EH, F D, fi-

mul {umpta toti retangulo AD, cffe
#qualia,nam & omnes partcs fimul fam- § 13, 08
ptz toti {untxquales . Et hoc tantum
vulepropofitio. Nam AB, AC, funt
dug retz, quarum A B, feétacft vecuns
‘quein E, & F: oftenfum eft autem res
&angulum AD , ipfis AB, AC, con-
tentum, zquale effe re@angulis partiali-
bus qua continentur fubinfe@a A C, &
partibus linex &z A B : re@angulum

enim A G, continetur fubinké&a A C,

.& parte AE; reétangulum vero EH,

continetur fub EG, hoc eft fub infe-

®a AC, & fub paree G H, & fic de

cx- -
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caceris - Si crgo fuerint, &c.
1dens viders et sm numeris . Sienim
deniur duo numeri 4 & 10, 2 alter 0+
pum puta 1o Ainidatnr in quolnis pave
265 5,3, 25 exdAnciu feu multiplicarione
ipfise 4in ommesparses §. 3y 2, fiens 40,
cni ox multiplicatione sifdem 4 in
Tossms Bumerum i O. -

Propofitio2. Theore:

Sirelta feclafis vieumgue: rellangs=.
ba fub to1a &r quolibes fegménsoric

comprebenfa, liafunt ¢i,qued
&'totfu ﬁt,qwdr‘?l::. f 7

RE&angulum AB,fitqua= A EC
dratum rect¢ A C,re@a- '
§ue A € , vteumquediuisd in OF
E, ducatur EF,ipfi €B, pa-
rallela, & manifeftum eft, vsprius, are-
&Qangula partialia AF, E B, imul fum-
pta,toti A B, effe ¢qualia Neque alind
vulr propofitio. Namrecta A C, vtcun-
que (e@ta cft in E: reGangula autem
AF,EB. contenta lub AD, EF, (hoc
eftfub tara AC) & fub partibus A E,
E C, zqualia fupt quadraro totius A C,
quodeflt AB. Siergoreda,&e.
. In



v
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In puméris: fi sodisidatur in duns
partes7 €& 3,durendo 10 in 7, ¢ in3,
fient 70 & 30, gue fimnl aqualia funt
numeyo qundrase ipfiss 10 guiefi 1002
dicimus enims numerum guadrarum qui
£t ex duitu cuinfuss numeri in feipfum;
wi decies Rocom funt pumer ss guafrassg
CEBIND h

~ Prgpoﬁtio;. Theore.

Sivelta fella fit vicngue, reclangnlis
fabtota & vne figmentorams com-
prebenfum cquale eft illi qued fub-

~ fegmentis comprehenditnr rellana

. gulo vna cum quadrato , gued 4
- preditle fegmentodefcribitur.

R E AE, vecunque fe- AlC R

cerur inC, fitque A B,
quadratam fegmenti A C _
seCtangulum vero AD,con,- ¥5D
tineatur fubtota AE, &'fub A F, .hoc
eft fub 2quali A C; & manifcftum cft
vt prins rectangula AB, C D, fi-
mul fumta , toti AD, effe zqualia,
Neque alind vule hzc p:og°ﬁ§:';
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Namreta A E.vicunquefe- A ¢ g
&aeftin C, & rectangulum - CD
AD,fubcota AE, & AF,
hoc eft fub parte A C,xqua’ F B D
Je eftipfi A B quadratopartis AC; vna
cum reltangulo.CD quod continetyr
fub C B, (hoceft fubpartc A C.) & (ub
reliqua parte CE, Siérgore&a &c.
A numeris 5 6 dinidatur in 4 > 3.
_ produltum ey 6in & boceft 24, aquale
ef tiguod fie ex 4 in 2, bocefl 8, vraci
guadraso spfins 4 qnodefi 16, -

ﬁP‘roPoﬁtio 4.-Theore.”

Sivellafeclafit vtewwque , quadrasic
L quod atetn deferibitur equale: cft
Segmentorum quadratic, vna cums

retlangulo quod bis fub figmentis

comtineinr ,

-

4

EQangulum AB, fitr  A_X¥
quadrati ipius AC, gl ol
dué’ca(’]uc diametro D C,
agatarEF, ipfiCB, p-~ B F 3
rallela, fecans diametrum -
vecunque in G, per quod idem pun@tum
agatur H1,ipfi A C, parallela : & mani-
o ‘ fe.

e e e o
e e s e

et s — e e e e
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feftum eft ve priusquadratda A B, totius
#  AG, cfle zqualc omnibus fimul re@tan.
gulis intra fe deferiptis.Neque alid vole |
propofitio, Nam rcéta A C, fecta eft-ve.
cunque in E, & cius qnadratit A B,¢qua. .
le bl% ipfis H F,E 1, (quz funt quadrata
fegmentorii AE, E C, ) fimul ci rectan.
ulis AG, G B, qux funtre®angilum
_ is cGprehenfum {ub partibus AE,EC:
~  re@angulum enint A G, continetur fub
AE, EG, hocelt ubAE, EC, & 1t
&angulii G B, continetdrfub GF, G, ' .
hoc eftfub A E, EC; rectangula enim
“H'F; EI, font quadrata partium A E,
E C, quod ‘(etfi ex 33.1.-(atis poterag
Jintelligi, ] fic demonftro. Quia &z -,
A E,G H, DF,iungunt parallelas ¢qua-
- les,fant a & iplx inter f¢ ¢quales.Item fi
abaqualibus A C,B C,auferantur zqua-
lesEC, 1C.,quzremanent AE, BI, &
- gua huic pares funt G F,H D,omues in-
ter fe erunt zquales, omnia igitur latera
parallclogrammi H F,zqualizfunt pasti
A E,funtq; omnesanguli re@i; nam quia
HDF, reCus eft & reGusetiam G FD,
{cum ficzqualisipfi B) ctiam b oppofiti 4 4. 5,
seliqui eron reéti Efk ergo H F,quadra-
tumipfius A E. Similiterque oftendetur
El, effc quadratim partis E C. Et fic
demonftraacftcota propoficion s

4 33.

—
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Innumeris: 556 dinidarnrin 4 5.2
guadratum ipfiss 6 guod eft 36 equale
eft gquadratispartisum 3 ¢ 2 boc eft 16
O 4, veacumnumers Bbis repeiitoqui
fit ex parsibus 2 & 4 ivter e multipli-

yLre
. Propofitio 5. Theore.

Si reClafecetwr in equalia & non 4«

gualia: veflangulum fub ineguali=
bus fegmentss totins comprehensia,
na cums quadraso fegmenti inter-
. medy equale of es.quod & dimidin
deferibisur § quadraso.

E&a ABbifa- A © ‘D B
riam inC, & |

. : N
non bifaramin D, g M[.6 K.

dividatur 3 & fuper
dimidia C B, fiat FKE

quadratum C E, du@adue diamer
FB,agawrper D, reGta DK, ipfi BE,

parallela, fecansdiametrom in G, per

quod pun@um agatur L H,ipfi A B pa-

rallela, & adisngatur re®a A L,ipfi B H,

parallela . Qx_g falo erit re@angulum

A G, fub inzqualibus fegmentis AD ,
D

N

e e s




b

b

D B, hoceft D G, contentum, vna cum
MK, quadrato medij fegmenti CD,
zquale quadraro dimidiz C B, quod cft
CE. Nam gretangulum AM , zquale' ~
eltipi DE, cum virumdueip CH,
fit zquale; ( AM, quiicm ex conft.
P'E autem per 36. 1. ) cztera autem ni-
mirom CG, & MK, funt commy.-

ma. Quare i refta, &ec. .

In numerss : Dinidatuy wumerss 10

' aqualiter in s % §> inaqualiterin 7 & .

3yita VI numerus medins inser felliones
Bt 25 que dimidiss nymerns fuperas
partem minorem ex inaqualibus : qua
eff 3, eritG mumerng 312X 7§03 ynach
guadrato numeri intermedsj 2 quod ¢ff
4>2quale quadrate dimid§ sshoc oft on- .
mere 3 s- N

Corollarium.,

Ex hic manifefium ¢it gnomonem
N O P, torivelangulo A G, effe aqualé;
quapdequidem C G, fis commune, &
‘D E , religue re@angnle A M, fis 4=
auales '
AN

- - Pro- -
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. b36.3.

€43. 1.
dax, 1,

‘re&a C D;fiat quadracd

22  LIBER IL
FETOPLEEGFOLESI LR
Ptopoﬁtio 6. Theore.

Si reila bifaviam fecetnr ciguein re-

« Elmm quedaps reilaadijcianr eris

vellangulum [ub tora cum adic-
&, & fub adieiliacontentum,vna
cnm quadraso dimidic, equale o3,

o ;nod & dimidia cum parie adicila

t,quadrato,

c B m

°
N, .
o M3 |
EGR -

) EQa A B, bifariam
fecetur in C, e1gue
inreQum adijciatur ve-
cunque B D : inde fuper

>

|

‘—.—

4 CF, & per B,agatur B G',pafalvicla ipft
D F, fumptique D H, zqualiipfi D B,
agacur per H, reta HK, ipfli A D, pa-

© rallela & =qualis , iun&mmﬁue recta

A K: quo faGo demonftratur propofi-
tio.Nam quia retangula A L. C M, funt
&qualia propierb 2quales bafes, & cidé

OM, zquule cft altcrum complemen- -
.tum ¢ MF, crit etiam MF, xzquale d

ipfi AL, & additis communibus C M
) o H,

e et e - o

i -
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8 H, gnomon N O P, zqualis fict tozi
re@tangulo A H, (quod fané reGangu-
lum continetur fub tora compofita AD,
& fub D H , hoc cftfub parie ¢ adiccta ¢ confly
DB) fed gnomoa N O P, adieto LG,
?uadrato artis dimidiz C B,vt{uprain

imili f oftendimus,fic 2qualis quadrato £, &
iplius CD, quzelt passdimidiacumad- -
iecta B D. Igitur parallelogrammum
A H, adie@o codem quadrato L G, fiet
g zquale cidem quadrato, CF>quod e- 4,05
1at probandum. L '

An numeris fi 6 dinidatur equaliter in
3 & 3,¢id addatur 2 5 numerue 16 (qui
Sitexsote 6 cum adiedo, in ipfums adie-
‘Eum ) una cum quadrato dimidi,quod
e 9 aqualis eit quadrato ipfins § qui
quidemn numersus § componitsr ex dimi
dio 3 & Adisito 2,

Propofitio 7. Theore. .

Siresia vicungme fecetwr , quadrata

- sotins & verinfuss fegmenti fimul

fumpta iariaﬁmt reclangnlo bis

" fumpto fubtota & diclofegmentos
vna cwm adiunilo alserins fegmes
& quadraio, o Res
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- BC,ducantur CL,MK,ip- ~ °

4 I'J'-i‘u:

RE&a AB, feQafitvi- Aep

cunqueinC, & fuper )|
A B.fiatquadtatii A E,fum-
ptaque B'M, aquali ipfi ® F

H

fis B E, A B, parallelz : produto deinde

L F, xquali ipfi C B,addgtur quadratum
LG. Eruntigitur, vrpacet, _?uadra,tum~
1

totius A B, quod cft AE, fimul cum
quadrato fegmenti C B, quodeft LG,
gqualia 4 reGangulis AM, M F, (qux
bis fumuntor fub tota AB, & fegmento
BC, cum BM, fitipfi B C, zqualis,&

in re@angulo M F, zqualia latera fige

MG,GF,ipfis A B, BC)vnacum
quadrato glterius fegmenti A C, quod
et KL, Siigitur recta, &c.

Innumeris : fi 6 vtcunqne dinidatny
in 4 & 2, quadratum sotius 6 vna cum
guadrate ipfius 4 equalia [uwt numero
X2, gui fit ex numero 6 bis in 4, vna ¢&
quadratoalterisns partis 2 quod eff 4.

Propofitio8. Theore, ’

Sivelafecetur vtcungue, veQangnlis
guater comprebenfum [wb tota &
Vo fegmeentoris, una cHm alierins

el it par=

N
B
%
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~parsis guadrato gqualia funt quae
“drato quod fit & tota & [egmento,

tanquam ab vsa linea,

EQ@a AB, vicun- A CB 3
que fecetarin C,

cu adijciatur inre€tum LS
lincla BD, iP}I BC,z- | ]

uaalis, ac foper tota- =
lq\'B , & adiun%lo - r da
mento B D, fiar tanquam fuper vna li-
neaquadratum A F, ducanturque B G,
CH, 1K, L M,lateribus quadrati A F,
arallelg, ficve DK, K M, ipfis BD,
C.fint zquales.Erunt exgo in gnomo-
e O R Q, rectangula quateor conten=
tafubretisAB, & B C. NamcircaR,
conftitora funt quadrata quatuor,-quorit
Jatera omnia ipfi B C,fuat ¢qualia; fi igi<
* tor veicuique ex quatuor complementis
A S, & fimilibus, adijciatur fuum qua~

RA 9

dratum;inueniéwr in gnomone O R Qs
la zqualia &‘

quatuor ve dixi reétan,

AR, quodcontinetur{fub A B, BR, hoc
eft BC. Eftverognomon OR Q.. feu
quatuor re@angula fub rota A B, & fe-
gmemo BC, cumadiun&o E N, qua-

rato alterius partis A C, s zqualis qua~ « 1A%

drato AF, quod {it fupér A D, vtpatet.
§l lg“uf Eh.lgcs Da " In

_—
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Innumeris fi 6 vtcungue fecetur in 4
@ rducends quater numernm 6 in 4 ¢
addendo guadratum ipfiss 3, fies nume-
v3us equalis quadrato ipfius 1o quiny.
LioRus COmPOnitHY ex 1010 6 ( parte 4.

Propofitio 9. Theore.

Sirelta fecersr pegequalia & non 4=
gualia, quadrata partium inaqua-
lium dupla funs quadratorum ab

- wro dimidio, & ab ea lincagus [e-
ctionibus inserycitnr 5 deferipto=
THIL o

EQa A B,fecetute- - =
qualiter i& C,inz. R
ualiter in D ; fuper quam |
3d C, crigatur CE ?pCP A €L B
pendicularis, & ipfi CA, vel CB, x~
qualis,ducanturque AE, E B, itemque
D F,ipfiCE, & FG,ipfi CD, paral-
lela,ac denique iungatur re@a A F. Jam
vero quia intriangulo A CE,lacera C A,
CE, xzqualiafunt: angulis CAE,
AE C, pareserunt ; eftautem angulus
E C A, reCtus: duo ergo alijfunt femire=
&i Similiterque intriangulo E C B,an-
guli
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puli CBE, B E C, femirecti funt : torus

ergo angulus A E B, reCtus eft. Cumque

in triangulo E G F, angulus G, rectus fie

& G ET, femiretus, ericetiam angulus

G FE, femireQtus. Quarelatera G E,

G F, b zqualesangulos fubtendentia, bs v
funt zqualia. £qualis etiam verique c eft € 14 W
re¢ta CD, cum CF, fic parallelogram- -
mum, Quare fr ab zqualibus CE, CB,
auferantur gqualia GE, CD,1eta C G,
hoceft DF, ipfi D B, erit 2qualis.
« His intelledlis fic breniter colligitue
rropoﬁtio . Quadrara partivm inxqua.

iom AD, & DF, fiue D B, 4 aquivalétd 47, 4,
quadrato ipfius A F, & hoc quadratum
ex A F, zxquiualetijs qua fiuntab A E,
E F:$ed harum quadrata dupla funt qua-
dratis reGarum A C, dimidie, & CD,
partis fe&ionibus intgrie&z ; cum enim
AC,CE, fint pares,& AE, dec qua-
dratum vtriufque quadratis ¢quale, cffi-
ciet duplum quadrato ipfius A C; fimi-
literque E F, dabit duplum quadratiip-
fius G F, feu CD ., Quarequadratum
ipfius A E.& partiumingqualium A D,
& D F, hoceftiplius D B, duplum {uue
. quadratorum ex A C, C D ; partis fcili-
cetdimidix & linex fc@ionibus interie~

&x. Siigitur recta, &e. .
. D3 I

.
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In numeris : Numerss 10 diuidntus
equaliterin s ¢ s, inegualiterin7 &
3, fitdy intermedia feio 2,91 propofisie-
pequinta. Duadrataergo49 & 9 par-
tium inaqualium 7 ¢& 3, funt duplum,
quadratorum tartis dimidie § & fe-
Gionis intermedia 3.

Propofitio 10. Thcdrc.'

Si rela fecetur bifariam & in vellis
alia adyciatnr, qaadratumquod
fitatotacum adiclla , fimul cums
eo quod fis a fola adiunita, duplum
Junt quadratiguod fita dimidia,
& alterius quod a dimidia & ade

~ sunéla defersbitnr, '

E&a A B, bifariamfe- - ¥ B

cetur in C, adie&i yt- @D
cunque BD, cui ad C,erigas A ¢
turjcrpcndicularis CF, di-
midig¢ A C,zqualis,perficiarurque paral-
lelogrammum F D,ductague F B,occur-
ratlateri ED, produtoin G, iungan-
turque AG, A F, eritqueangulus 4
A F B, conftans duobus femirettis,vein
mili oftenfum ¢ft prop.9. Quare & an-

gu-



ulus FB C, femirectus eft: femire&us
Equoquc D 5 G, oppofitus ad verticem, & 15. 1.
quare & D G B, femire@useric, & latera ¢ g3,

¢ B D,D'G,zqualia. £qualiaitem erunt
lateraE G, d F E, quia anguli FGE, dar.s,
EFG, funtfemire&i. His pofitis qua.
dratumex A F, erit doplum quadran di-
nidiz A-C, & cumre¢tz EG, F E ofté.
{z finr ¢quales, eric qpadratum ex G F,
duplum quadratiex EF, hoceftex di-
midiz C B,cum adiuncta BD. Sed & ip=-
fius A G, quadratum zquiualet quadra.
tisduarum A F, FG; & quadratumez
tota A B, cum adiunéta B D, vna cum
quadratoex D G, feuadiun@a B D, z-
quiualet quadrato ex A G. Quarcharfi
linearum A B, BD, quadrata duplum
quoque funt quadratorum ex AC, &

- €D, quod crat demonftrandum,

I numerss : Diuidatur 6 equaliter -
in3 &3 iy 4ddatnr 2,0t fis numeris
sompofsins 8 quadrata igizwr 1pfius 8
& adiedi 1. dwplum funi quadratorum
dimidij 3,6 numeri § qui confiat ex di=
midio ¢ adisho. . )

Ds Pro-
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Propoﬁtio 11. Proble.

Datam reftam itafecare, vt relan-
gulnm fub sota ¢ alrero fegmenton
rum,gquale fit quadraso quod fit 4
religua parte. -

€ It datasre@a A B, ita fc- B_C
ad canda vt re@angulum HEA
fub tora & fcgmcnto altero, L \E\D'
¢quale fic quadrato partis al- A

terius, Fiat’igitur foper A B, quadratum
A C, dinifoque latere- A D, bifariam in

- E, ducatur E B, cui zqualisfiat E I, la-

tere D A, preduéto : fiat infuper qua-
dratum fuper A'l, quod fit G I, produs
&o latere H G, inF : eritue reétaA B,
diuifa vt oportuit ; fiquidem rectanguid
CG, fubtora C B, feu A B, & fegmento
B G, ¢qualecft quadrato G I, quod fir 4
fegmento altero G A: quiacnim D A,
feQacftbifariam in E , e1que ihretpm
additaeft A'l, erit rectangulum % (ub
DI, A I hocéftipfum D H; vna cum’
quadrato dimidiz E A,zquale quadrato
ipfius EI, feu E B. Eftvero quadrard

b47.1. -ipfius EB, b aqualequadsatis iplarum

AS,
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AB.AE. Vuderettangulum D H,cum
quadratocx A E, eritctiam ¢quale qua-
dratis carundem A B, & A E. Ablato '
- igitur communi quadratoipfius AE, e-
rit rectangulum D H, ¢quale quadrato
ipfius A B, quodeft ABCD: & rurfus
ablato ab hoc quadraro & reftangulo
. D H, communirc&tangnlo A F, reétan-
gulum C G, reliCtum ex quadrato, z-
quale erit quadrato G 1, quod reliquum |
cft ex rectangulo . Datam igitur rectam
ita fecuimus ve reflangulum € G, fub
tota A B, & altero fegmento B G, qua-
drato partis alterius G A, fit aquale,
quoderat faciendum.

Propofitio12. Theore.

_ In triangnlo obtafangulo quadratum
" laterss angilum obsufum fubrendi

tis tanto mains eff quadratss lates .
Y#m eundem angulum continentiis,
guantum e5t veclangulum bis com
prebenfum fub aljersiro lasere co-

- tinénse (b illo nempe in guod, cié .

fucrit produttum , placuerit per~
pendicular ox oppefito angulo de-

T T RS mug

. . —
e
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mittere @ fub linca extrinfecns -

affumpta ad cuins extremums cadis
“dpfa perpendiculariss

IN triangalo A B C,angu- AY

lus A C B, fit obtufus, pro.
du&oque alterutro latere, $cD

putaBC, ex A, demittatur

AD, perpendicularisipfi B C, cadens

in D: Dico igitur quadratum lateris -

A B, obtufo angulo fubtenfi tanto cffe
maius quadratis laterum continentium

BC,CA, (c;]uanmm eft reétangulom bis '

comprehenfum fub B C, & re®a CD,
extrinfecus fumpta, ad cuius extremum
ex acuto angulo A cadit perpendicularis
AD: Quiacnimre@ta BD, fetacltve.
cunquein C, erit 4 quadratum exB D,
zquale quadratisex B C, CD, &infu-
per re€tangulo bis fub B C, CD, com.
prehenfo : additoque verifque quadrato
re&e A D,erunt quadrataip{zrum B D,
D A, gqualia quadratis trium rectarum
BC,CD,D A, vna cum addito re&tan-

" gulobis fub B C, CD, contento, Sed

3uadratum reéte A B, b 2quiualet qua-
ratis re¢tarum A D, D B. Igitur idem

~ quadratum re@tz A B , ¢quinalet eriam

tribus quadratis re@asum B €, C D,
J : D &

.

—_—— et e
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D A, & re@langulo bis ubBC, CD,
coptento : fam vero quia quadratum re.

Qe A C, zqualeeft quadratisipfarum

CD, DA, critquadratum reétz A B,
zquale quadratis reGarum CB,CA, &
re&angulo bis contento’fub BC, CD.
In trianguloigimx‘obmfangulo,&c.

Propofitio 13. Theore,

Intriangulis acweangslss gnadratsm
laserss acuio angwlo fubtenfi tanto
minus est quadratic laterum cona
tinentium ewndem angulum, quan~
tum eSt reClargulum bis comprea
benfum Jab vno laterum continene
tium & [ubaffumpta snterins li-
Nea prope acutum angulum ad (e
Tus extremum cadit perpendicnla-

' visab oppsfise angulo duila.

) .

2.

o

Da Ia
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N triangulo AB C, fitan-

-gulus acutus C, &exalio - it

quocumgque angulo , puta ~ < )
ex A, ducaturrecta AD, per- BDno
pendicularisipfi B C . Dico igitur qua-
dratum ipfius A B, angulum C, (ubten-
dentis , tanto minus effc quadrats cx
BC, CA: quantumeft rectangulum
fub B C, D C, bis contentum . Quiac-
nim re@a’ B C, vicunque feétaclt in D,
quadrataex B C, C D, paria funt recti-
gulo bis fubB C, CD, vna cum 4 qua-
dratoex B D, fed duobus quadratis re-
&arum CD, D A, pareft b quadratum’
ex CA : duo igiwr quadrata ex BC,
C A, paria funt etiam rectangulo bis ¢5-
prehenfo fub’' BD, D C, & quadratoex
BD. Iam veroquia quadratisex BD ,
D X, gquale eft ¢ quod fit ex A B eriie
quadrata ex B C, C A, zqnalia retan-
gulo bis contento fub BT, D C, & qua-
drato re&txz A B. Quare quadracum ex
A B, ranto minuseft quadratisex B C,
CA, quantum cft reGangulum bis fub
B D, D C, contentum. In triangulis igi-

- sar, &c.

1]

» Pros
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Propofitio 14. Proble,

Dato redlilineo equale quadratums
deferibere

It datum re@i- - H

lineam A, cui / P .
’ 45. T,
flat 4 xquale Blﬂ?—d )

parallclogrammi *
BE; in quofila L :

. teraB C, CE, funtzequalia,ipfum erit
quadratum quale petebatur. Quod fila-
tera non funt zqualia,eorum alterutrum
puta B C, producaturin F,itavt CF,
ipfi CE , xqualis fit, fe@ique bifariam
re&td B F, in G, centro G, fpatio G B,
fiat femicirculus B H'F, protradolate~
re E C, vfque dum fecee circulumin H
eritque quadratum ipfius CH, zquale
dato retilinco 4. Ducti enim reéta
G H, quiareta BF, bifariam fe@a cft
in G, & non bifariam in C, erit rectan-

i;ulum fub B ¢, CF, hoceft b rectangu- bs

um B E, cii quadratoipfius G C,zqua-
le quadrato ex G F, vel G H, quglunt
¢ lincz zquales . At quadiatacx Gqcf—xd
ST - N <5,

¢ def-""—
d 4%

A3
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C H, valent qua. H

dratii ipfius G H,- ( :
eadem ergo qua pL-C 4
dratacx G C,C H. F
valent reGagulum P F

B E, cum quadrato ipfius GC : reli®o
ergo commauni quadrato reétxz G C,
quadratumipfius C H, valebit reGan-
gulum B E,quod ab initio faGumeft z-
quale redilineo A. Quadratum ergo
ipfius C H, ¢quale erit reilinco A, Fas

 &oigitur quadrato fuper CH , confti-

tucrimus quadratam dato reilinco 2.
quale,quod crat facicndum.

’

: oxw

<

¢

IR T
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Definstiones.

Quales circuli funt quortm
diametri vel & centris lineg:
ad ambitum duéz, funcz- -
_ quales.
3 Lincareftacirculumean. A c B
gere dicitur qua cum tangat,
, producta longius cipculum 64
 nponfecat. Talus ef linsa A B,
qua cum sangas circulam C D E, in p¥-
e C, pradnBla longius eum non fecats-
3 Circuli {e tangere dicuntur qui cum -
fe tangant , fe tamen mutuo non fecant,
Tles funs cirenli CD E, CE G- T

=

’ ) »
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4 In circulo gqualiter di- c
ftare i centro rezx linex 22 VR
dicuntur cem perpendicula- s
res d centro ad ipfasduGa - © r
aquales (unc. Ve lines A B, C.I,aquali-.
ter diffant & centro D, quia perpendicts.
lares D'E, D F, & centro D, ad ipfas du-
&, funt aquales.

5  Scgmentum circuli eft figura qua <
fub recta linea & circuli circumferentia
contincrar, Talisefbfiguracontentare-
fa C 1,5 circumferentiaC G 1. :
. 6 _Segmenti angutus <ft qui

- reta linea & circuli periphe ﬁ
sia contincrur. Tales funt an- ..
auli A & B.

7 In fegmento autem anga- B |
luseft cumin fegmenti circit-

ferentia fumptum fuerit pun- g
Gum quodpiam, & abillo ad -

3
, |
dinez terminos re®z fucrint adivn@a. l
Sic anguls ABC, off in Segmento . ‘
CB 4. ; o '
8 Cum verocomprehenden- '
tes angnlum datz lincx affu- |
munt peripheriam , illiipfiafs @ {
fompra peripheriz angulus di- P
citarinfiftete.Vs angulus D A B,dicisur
infiftere circumferentia D CB.
) o 23‘-'.
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‘9 Scftorautemcirculi eft ¢@

ad iplum circuli centrum an- @ .
gulus fuerit conflitutes, Viff  Epg
adcentrum A, fit conflisutus

angulus BAC, figura BAC D, dice=
sur feitor circuli. ‘

10 Similia circuli fegmenta funt quaz
angulos capiunt zquales; aut in quibus
anguli funt zquales.

Propofitiones.

Propofitio 1. Problem.
Dari civeuli centrums reperire.
N circulo A B C, duga- N
turvtcunquere®a A C, ag
quﬁ»bircaﬁin a D, per a0t
idem pun&um D, agatir AN %4
perpendicularis B G-, sat- G br
tingens vtrimque ambitum . Dividatur ¢ o 10.10
deindere@a B G, bifariamin F, erit§ue
punétum F, centrum circuli- Non eaim
erit aliud pun&um inipla BG, cum - .
centruth non peflic in vlla linea cffenifi ‘
A vbi {ecatur bifariam . Sed nequeextra ddefise
‘re@am B G. Fac enim effe in E ducan. 5.
turque E A, ED, E C; probabitur fané
angulum ED A, effe reStum 5 nam 1
wiangolis ADE, CDE, lawia & D,

»
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econlt, D C, exqualiafunt & DE, g

f'. 5.

bs.g.

rr8. 1T,

commune, zqualisitem ba- ﬂ
fis A E,bafi E C; cam vira-

. queducaturexcentro E,ad AN 270

ambitum . Erunt fergoan

guli ED C, ED A, zquales & ptoinde
fe&li . Hoc autem efie non-poteft ; nam
angulus F D A, rectus cft. Maior igitur
re¢oeflt EDA. Noneftigitur E cen-
trum; fed neque alivd-punGtum extra re-

Qam BG: Dati ergo circuli centrum

eft F.

| "\Pr»opoﬁtio 2, fI'hcocm

- Si in civenli ambiru dso prnEia fis=

. manwr, reéla adilla punéla duite
int r4 circulum cadet, .

S Vmantur punta A & B,
& cx a centro inuento C, -
duciturretz CA,C B,CD.

Dico punétum D, & quodli- B

betaliud re@z n B, cadercintra circu-

lom. Quiacnim C A, C B, pares fune,
pates erunt anguli b A & B, critquean-

gulus CD B, maior qppofito interno A; -

quare ¢ maior ctiam angulo B; latus

igx by

e

b

—

. —— o o e+
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jgitur C B, fubtendens dangulum mato- 4 18.2.1
rem CD B,maius eft Jatere C D, fubté- '
dentc minorem angulym B. Latus ta-
men C B, tantum pertingirad ambitum,
quare CD, quod ¢ft minus,ad ambitum
non pertinger . Non eftigitur pun&um
D, extra circulum; quod idem oftendes
tur de quouis alio in redta A B, ficrgo
_incirculiambite, &¢, -

Propofitios. Theore.

Siincircnlorefla pey centrums dulla
aliam non dwilam percentrum fe-
ces bifariam , fecabit quogue ad

. angulos velfos . Et fiadreélos fe=
eet, fecabis bifariam..

R Efta'A B. per centium E,
du&tafecet C D,bifariam
in F, ducanturue ex centro
1@z EC, ED . Quiasrgo Die
CE, CF, zqualialoat lateribus D E,

D F, & bafis communis, ¢runt aauguli ¢ 3.3 3
lé_F D, EFC, aquales, ac proinde re-

i © Quod



—
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Quod fanguli ad F re@i
fint ; cum fatera EC, ED,

trianguli 'E C D, pana fint,

anguﬁ C&D, b cfunt 2qua. PEa
les, & fic eruntineridgulis EFC, EF D,
duoanguli C & EFC, ducbus D &
EFD, zquales; fed &lnera EC,ED,
angulis ¢qualibus adiacentia funt zqua-
lia:zqualis ¢ ergoeft bafis FC, bal
FD. Siigiturin circulo, &c.

Propofitio 4. Proble.

Si incivenlorella [¢ fecent non per

& 3.3,

. centrum ambg dute, non fecabunt

Je mutno bifariam. .

S 1 ebim per centrum trag- g
2 fit voa certum eft eam bi -

fariam non fecari , cum °| e
nen nifi in centro pofln feca- A
ri bifariaur, nec altera ex hypothefi per
€entrum tranfeat . Quod fi neatrar peg
eentrit cranfeancvefunt re@x A B,C D,

-dicantur tamen {¢ mutuo bifariam fecare

in pun&o F; tunc du@i 4 centro E re-
&3 EF, eritangulus E F'C, rectus cum
& altera per centrum dulta alteram cx-
tra centrum fecans bifariam fecer ad ,

se-
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reftos : fed ob candem caufam anguius
E F B, reftus esit pares ergo effent angu-
i EF B, EF C, pars & totum,quod fic-
ri acquir.

Propofitio 5. Theore.

Si duo circuli f¢ mutso fecent non
loabebunt idem censrwm,

IrculotiABC,ADC, _A

. fe mutuoin A & C, fe-
cantium fit idem centrum E p X!
fi fieri poteft : ducanturgue €
E A, quidem 4 centro ad alterutram fe.
Qionem , E D vero fecans vicunque
ytrumque circulum inpun&is D& B.
Quia igitur circuli AD C, centrum
poniturE, erunt E A, ED, zquales, &
quiacirculi A B C, idem centrum poni-
A tur E,erunt E B,EA, 2quales ; ergo &
inter (e eflent zquales ED, EB, pars
& totum,quod efle nequit. Si-ergoduo
circuli, &c.

Propofitia 6. Thcoré.

Siduo circuli interins fe tangant, non

CTit Qo M idETD COMITH Tt o
; . Nam /
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?& Am i dudcirculi fe irite- A
rius tangantin A & pu-
tentur habere idem centrum ‘9
E,du&tisréétis E A,quidemad . -
conta@um , alteravero fecante virume

z

?ue circulur;,%pta E B, oftendetur, vt
upra, EP B, partem fcilicet & ro-
tm, zqualeseffeipfi EA : quod ab[ur:
dum eft. Si duoergocirculi, &c.

Propofitioy. Theore.

In diametyo cireuli fialind & centro
punilnm accipiatur , & quo rella
plwres su circamferentiam cadat,
maxima erit ealque per centram
ducitur; minimareliquum einfdé
linee : aliarum vero maior eff ca
qua tranfesnts per centrums et
propior, meque plures quams dug &-
guales duci poffunt in circulum ad
wirinfue partes ipfius minime,

Iy
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"N diamerro A B,fuma. g TR
wrpun&tum C,alivdd  /\Np
centro D, dpcanturque, > .-
EN oy

vtcunque reétz C A, CE,
CF,CG. Dicomaximam
easumeffe C A,qua tranfit per centrum
D . Yudis enimreltis D E, DF, DG,
trianguliGD C, duolateraGD, D C,
quibus 2qualis eft A C, maiora crunt4 # 20. 1,
teliquo G C. Maiorergo cft A C,quam
G C; codem§; modo cademrecta C A,
uibufuis alijs ex C,ductis oftendetur ¢f-
s 1€ maior . Lo
" 2 Deindequia istera E C,CD,maios
s fenrreliquo E D,cui zqualiseft BD,
fi commune auferatur CD , latus CE,
maius remancbar quam B C, & pari ra-
tionc oftendeturipfam B C, reliquis ex
C, du@isefle minorem. - '
3 Rutfam quia in triangulis GDC,
FD C, duolatera GD, D C, duobus
D F, D C, pariafunt,& an%ulus GDC,
maior quam FD C,erit bafis G C,quz b 241,
propior ¢ft tpfi C A, maior remotiore

4 Denique fi angulo ED B, xqualis

onatur B D H,ducaturque C H,intrid-
gulisED €, HDC,eriit afes CE,C H,
¢quales,cum anguli CDE, CD H, &

latera ¢ continentia fint xqualia. Ncc‘;'\:c 4l
‘e - N -
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_vero plures poflune duci ad partes minl-
xz B C, zquales prioribus. Si enim ca-
¢ ¢ dantintra puncta E H, remotiores eriit
o & r1e@ta CA, acproinde minores ipfis
' CE,CH . Siautem ducantur extra pii-
&a E H : crunt propiores ipi C A, ac
proinde maiores . Si igitur in diames

tro, &¢.

Propoﬁtio 8. Thcorcl'

Siextracirculum [umatur punilum
* quodpiam a quo ad civcwlii ducan-
tur reflgquadam linee , quarnms
" wnaper centrum tranfeat, cgtere
vt Inbet dwcantur , rellarmm que
-~ ducwotnr ad canam peripheriam
maxima erit qug per centysms du
citur 5 & qug bnic propinguior , .
maior eSt,remotisre. Extra circu=
lum vero minima qud ab affumpto
punitoad diamerrii tendit, & qus
* buic propior,minor eff remaotiore,
& duc tansum lineg aqualescadiie
ab eo puntito in circulum ad partes
Winimk Vel maxinige
s - Extra

\

e S

—_——me T
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Xctra circulil A B- .

4 CD,fumatur pii-
&am E,d quo ducantur
quotuis re®tg, quarum
via EA, per centrum
F,tranfeat,c@terae vero
E B,&c.vtdubet cadanc .
incirculnm . Dico 1. re@aum qure da-
cuntur ad concanam circuli , maxitham
efle EA, qux tranfic per ceatram F.

Dudi enim € cemtro recta F B, eriangu-
li EFB,duo latera E F,F B, cquatiasphi.
E A, maiora scrunt latere. E B, & ficde 420, &0
sreliquis . A . .
2 Maior cfl ctiam EB , q propioc
" eftipf EA, quam.EC, amatizrcmvo-
tior . Namquiamianguli EF-8, ltwra
E F, EB, sequalia tsup latetibus -EF,
¥ C,uianguli £: FC,&mpulus E£ B,
maior quam E F C, muior b eritbafis § 24,1,
BE, quumGE, o N
3 Dudisre@is F H,FI,F K,quia erid-
uli EH ¥, maiora funt ddo ¢ latera ¢ 30. ¢
H, HE, ieliquo EF, Gatferantur 2«
qualia ¥G, FH , maiottminebt EH, |
extracirculum, & relique ELEK, qui
fit EG. Minimacftergo EG, quead.
dismetrum G H, dugitur. '
4 Quiaintxa.crhn%\llum. E1F, ducd>

s ez EH L, B , esuns e o ke @ 350
E no-
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- nores ipfis E1,1F,ab-

"< phutes quam due recle equalesad
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laiis ergo ° zqualibus
HFT, IF, Adhig minor
remanchit E H, quam
E 1, & obeandem cauf-
fam minorelt E I, quid
EK, quare minor jett
femper,quz minimz E G, eft propior.
§ Denique angulo KFG, figqualis |
fiat G F L,ducaturque L E; quiacrian-
gula EKF, ELF,; latus babent comma-
ne E-F,& alterum K Fyalteri L F,zqua. -
le, & patem angulum rontentum lateri-
bus,eruntbafes¢ E L,E K,zquales. Ne-
ue plures his duabus £quales duci pole
Bt €X Virague ‘parté minima E G:
pamant propiores xust-aut remotiores
dmipima EG, quamfint EL,EK,qua- |
rizhis dut niinoge's grat atic majores. Sit |
crgo cxifa circulom, &c. o

Propofitiog. Theore.
8i ab aliguo imra circalum puntlo

. ambitsim ducantur , id punilums
cemrums est cirenli, '
* X puncto A mntracircu- g :
lum B C D, preeser 1c. NQ

&tas A B, A C,, ¢quales fit ré&_;'

ijffdema . zqualis A D., du-s ;
A y -

e ——— - ———— .~
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Gisguerechis B €,C D, divifisque bita-

i riamin E & F, ducantugad ambitum

" ge@tz A E,A F.Quiacrgo triangulorum

ABF, AFC, latera omnia {unt 2qua-
{ia, evunt anguli 4 ad F, equales & rechi, ¢ s,1.

ficut etiam ad E . Quiaergo A F,rectam

B C, diuidit bifariam ad reftos,in ca eft

centrum circuli, & obeandem taulameft

ctiaminre@a E A centrum circuli: Non

poteft ergo centrum aliud effc quam A,

quia {olum punétum A cft verique A F,

& A E,commune. Siigitur,8c.

Propofitio 10, Theore.

- Circulus circulsims in pluribus quam
. dnobus punclis nom fecas.

S Ecent fe fi fieripoteft,

circuli in tribus punétis

1 A, B, C,. centroquecirculi

j A BGC,inuéto s quod fir D, ' ot
ducantur re&e.D A,D B, D C: qug quia
xquales {unt, & arringunt etiam ambici .
circuli ABE, fequitur b pun@um' D,ef. 4 9.
fe etiam centrum circuli ABE, quod
abfurdum ¢ eft. Non ergo fecabunc & « 5.

- .«<irculi in plyribus puntis qui duobus.
‘ E2 Pro-
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Propofitio 11, Theore.

Sidwo corculi ¢ interius contingavs |
veTa . caniungens carsm. cemtrg. |
produilaincides in comtalinm cire .-
culoram ,

Treuli A BC, ADE, i
. interiusin A,fctangit: (& &
dico re@tam qui dycitur pee .
gentraF & Guqualiseft FA,
caderein cansactum A . Nam fifieri po-,
zeft, reta conlungens centra fit BK, in
qQua centrum circuli- A'B C fie I, & alte~
sins H, iunganturqueretz AH, AL, -
‘Quiacrgo A H,H Lrreliquo latere A I,
a%0,1. - finimaiora, & preinde maiora quimy’
1 B, gnx ex codeth centro ducitur,{i ag="
Seratuy communis B Y, miancbit A'H ,
mator quim B H. Eﬁ*:rgo H D,maiox
ipsd H B, pars-toro; quod abfirdum-cft.-
Eadem demonfiratio proceder fi centrid”
circuli maioris extra migorém cadee. Si

_ Suo crgo, &c, .
| Pto-
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Propofitio 12. Theore.

3i duo civonlifefe exterins conting,

linea rolla cinera vonimngens per
contallum rranfibis.

Jve@taF G , iungens
centra ¥ & G, circu- %
forum ABC,BDE,fe 5

tangeutium exterius in B,

pon tranfitper conta®am B, fed alibi fe-
<'et inpunctis C & D, iungens centra F
& G;caéztkur rectz B F,;. B G, eruntque

duo lavera F B . B.G » maiota 4 l'thuo % a0, 1, e

FG. Sed funtetiam minora, nam F C,
i‘?ﬁ F B, zqualis eft, ex codem cemito F,
militerque G D, ipfi G B, erit ®qualis,
Superat ergo latus F G, reliqua duolates
ra fegmenro C D, quod eft abfurdam,
Redtaigitur FG, non iungjt centra , &
nollaiupget, pifi qua tranibic per con-
tactum B. .

E 3 " Pro-

e e < . Attt s St e
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Propofitio 13. Theore. - ‘

Cirenlas circulum non tangis in plua

vibus puntlis quam vno, fine intus
tdngat, fiue extra,

Amfi circulum AB, A -3

C D, rangar circolus
A E, CF, interius induobas i
punétis A & C, erunt diuerfa o -

a circnlorum centra, caduein recta A C,
tranfeunte per contadtus b . Sit ergo G
centrum ipfius A B C, & H ipfius
A E C. Tunc autem quizinrc&ta A C,

ponitur centrum circuli A B C, effe G,

ellct e re®a A C, bifariam divila in G,
& quia alterips cireyli centrum eft H,
etiam in H cffet diuifa bifariani’; quod
fieri nequic., ‘ :
<.
Ed neque extcrius cir- w
colifein plucibus pun- %
¢tis tangent : Siepim )
in punéhs B& C, fetan-
guue,du@irectd AD,percentra A & D,
nsc

i
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nee non per contalium € , itemJue dus
&is #B, B.D, ad alterum contactum B,
probaretuy vt fup. a-prop. latera AB, «1a,
B D:, & maiora & xqualia cffc laterd
AD, o o o

Pfdpoﬁ;i6 14;.t T'hclbrc_;v

Ipcivcule tquales vellalineg equali-

* ter a cemiro diflant, & que diffant
a centro aqualitcr equales funt in=
ter fe o

N circulo. ABC, fintpa- A3 .
resretx AD, BC, & ex '
centro E,agantur EFEG, .
adreosipfis AD,BC, idco- P &
e 4 fecantes bifariam , jungasinrgue 5 o,

- EA,EB. Quiaergoanguliad F &G,

funtrecti,quadratum ex E A zqualecit
& quadratis laterum AF, EF: & fimilis p 47,1,
ter quadratumex E B, duobus quadratis
e¢x E G, G B. Nunc quia quadrata re-
Garom zqualium E A, Efpfunt ¢qualia,
erunt ctiam quadrara duo re¢taum E F,
F A, zqualia duobus quadratisTearum

- EG,GB, &ablaris quadratis rectarum

E 4 XTQuUie

\



-2qualium F &,G B,mancbunc
quadrata re@arum EF, E G, @ _

v def. 4.

. & g.def,
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zqualia, quare EG, EF, fune ' d
#quales,ac projnde ADBC, P ©
xzqualiter d centro ¢ diftant,

E conuerfo autem fi pofitum fit re@as

AD, BC, diftarc zqualiterd centro E,
oftendetur cX fuperioti demonftratione
ablatis quadratis.rc@arum E F, E G, =-
qualium,quadrara reliquatune FA,G B,
manere gqualia ; proinde & ipfaseficx
quales -

Prbtidﬁtio 1 ‘5. Theore.

Suciveulo maximaeft dismeter , &
_caterarnm ea. ﬁmper maior , gus
. cenrro eff propior. :

Er centrum A

dudtd diametro
FG, ducatur HK.
propior centro qua
C D) ad quas pe1pé-
dicularibus esgentro :
ductis A L,A"M, ex AL, qux # necefla-
rio maior erir,fumatur A N,zqualis ipfl
AM, & per N agatur B E,ad x@osipfi

AL

!

|
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AL, lungamurquere§iz A B,AC,AD,
A E- Niunc vero quia 8 E, HK; zqua-
Jiter 4 centro b diftantes funt zquales, &
in triangulo A B E,duolatcra A B,AE,
aqualia diametro F G , maiora funt ¢
quam B E; erit cadem diameter FG,
maiorquath BE, vel HK, aut quxuis
dia.
2 Rurfus quia duo lateza AB, AE,
duobuslateribus A C,A D, funt paria,
& angulus B A E, maioriple C A D,e=~

b 14z

€.30.1,

rit bafis BE,feu HK, maiord quam 4 3,

€ D,qug ¢ftd centroremotior. Incirous
. loigitur, &e.

Prdpoﬁtio 16, Theorc."n

Lug ab extremitase diametriad ré:
" &los angulos linea dwcitar extén
circulum cadit. Nequealiares
eadere porest it locuns inte? ipfam
rellam & petipberiams compre-
‘benfum Esfemicivenli quidens am<
« - Qoins griouss aruto rellilines mmigy,
o e reliqwns mness dhior,
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D punétum A ex-
tremum dametri

AC,dua DE,ipfi AC,

perpendicalari.Dico re-

&am D E, extracirculd

cadere . Sienim vis ca-

dercintra, qualiscfler D AF, duftdex

¢entro re€ta B F, com trianguli AF B,

duo latera B A, B F, paria Eﬂt, effent 4

etiam pares anguli B A F, (quem vis ef-

fe re@tum) & BF A,quodabfurdumeft,
duo cnimrecti & in triangulo eflc non
polfunt. Eandem ob caufam A F, in cit-
cumferentiam cadere nequit; puta fidi-
catur quod re¢ta A L, cum circumferen<
tiacougruac: nam etiam tunc in triangu-
lo BAL, cflent duo recti fupra bafim

AL, Reftaergo D A, necellarioextra

circaluin cadie. N

2 Sed neque alia recta cadet intra re-

@am A E, & ambitum F A. Sienim

uputas de AG, ducaturadecamecen~

tro perpendicularis BG ; & quia rectus
¢ft BG A,minorre@oerit B AG: qua~
re maioreft B A , cquam B G, fubten.
dens minorem recto . Arhocablurdum

‘eft;nam B-A,ipfi BH, partitotius BG,

2qualis cft, noncigo maiortotd B G.

3 Angulus femicirenli B A'F, quolibet

wcuto et maior; pam quiis acutus cuzt
. 4
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fitminot reéto B A E, debebit confticui
per retam, puta G A, qug ad punctum
A du&a neceflario cadit intra circulam.
Minorem ergo angulum faciet quam fic
angules femicirculi B AF. -
4 Angulus reliquus H A E, quem ce
tingenuz dicimas, minor cft quouis re-
¢lifineo ; nam fi minor aliquis conflirui
pofferputa G A E, ducererurre@a G A,
- . inlocuminter re@®am A E, & peripheria
A HF, quodabfardumcft . Quz igi-
sar, &c. ) )

Corollarium..

Hinc efficitur 1e8am ad sxtremam
diametri perpendicularem tangere cir-
enlum, & inonicopunilo tangers; pam
fplaratangerer, sadéres aintra civin-

tum ,

E¢  Prot
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- Propofitio 17. Proble.

oA diuso puntio reciam limeam dwce-
requa dasum cireninm sangat,

centro C re@ta CA, & codé

centro fpatio C A, fiat cic-

culus AEG; exciteturque ad B+, re&ta

D E, ad reftosipfi. G A. Indeiud&a re-

@i CE,agatur quoque re@ti A B; quam
-candem dico tangere circulum B F,

in puncto B. Quia enim triangulorum

D Ato pun®to A | &cir-  Ag !
.culo B D F,ducaturex - @
“~~6

A B C,EDC,duclaterz A C,C B,duo-

bus EC, CD, funtparia, & angulus G,

~communis, hac triangula fehabent iuxe
ta 4. 1. (%:arc cum angulus ED C, re-
&us fit,retus quoque erit C B A, & pro-
indere®a A B, circulum g tangicin B,
A dato ergo punfto, &,

-

. Proe
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: 'Propoﬁtio 18. Theore.

Sicirculnm lzmga} reili linea, dula
altera ¢ centro ad contallum ipf
rangenti erit perpendicularis.

T fire@a A B, circulum
“tangatinC,-alteraD C,
- ¢x centro I ad cona&um C, ACE
ducta, ipfi A B, erit perpendis
cularis. Si enim anyuli ACD,DCB,
non funt reci, erivcorum s alteruter a- 4 1P
eutusypurz A C D, fed hic maior eftan-
ulo femicicculi- E C.B, erit ergo angu-
us femicirculi minor aliquo & acuto, & 16
quedficti n6 poteft.Anguli crgo-A CD,
D C Bifuntse@i,ac proinde re@a D:C,
sangentt A B, eft perpendicularis.

Propofitio 19. Theore.

Si rellacireninm sangat, & adpuns

- &lnms contallRs tangentiipfi perpe-
dicwlarss excitesnrs inea bris sir~,

" culi comtrimo
TEmme T Refla
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E&a A B, rangat in €, D,
circulum C D E, excite-

. turque ad catum C, reéta ACE

CE'lipfi- & B, perpendicula-

ris, inquafinegas effe centrum ciscsli,’
fit ergo alibi , puta vbi F, ducatardue
F C, quz ipfi A B, cris g perpendicuia.
ris, qrare re@tus angulus A CE, recto
angulo A CF crit zqualis, pars videlicet
toti, quod cft abfurdum. Non ergo alibi

‘erit cencrum quam inre&ta C E.

Propofitio 20, Theore.

Ex cadem peripherie portienc angwe
Lus ad centruns, duplus eft cins qeé
ad ambitums extenditr, .

A S Vpex; fegmento A B, ad o
cemrum € , fiarangulus @l

ACB, & fupercodem - -
fepmente A B, adambitum .
exzendawor aggulus AD B. Quia ergo
trianguli C 8D, latera CB, CD, funt
aqualia; funt 0 & anguliD,& CBD, ad
bafim xquales: fed his duobus intcrnis
"& oppofitis bexternus A CB, eft zqua-
Jis; idend igitur angulus cxternus A C B,

L Te T qui
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*avi eft ad centr:m , duplus cftipfius
A DB, quiporngitur ad ambitum . Ex
cadancrgo, &c. !

F Adem demonftratioad - :
= hibebirur fifriangula fe é
interfecent. Veangulus ACB  * [{/A

ad centrum, dupluseftipfius  E

A D B, quiad ambitum. Nam de@i re-

&3 DCE, eroneanguli CD A,CAD,

¢ zquales, & his duobus zqualis cxter- ¢ 5.1,
nus 4 & oppofitus A C E, cuius anguli 4 32,1,
quia pars vna angulus B CE , ¢ duplus ¢ 32, 2.
eftanguli BD C, reliquus A C B, du-

plus ctiam ¢fit reliqui A D B, quod erat
_probandum eftenim angulus A D B, an-
gulusad ambitum, & A C B, ad centrd,

uper codemarcu AB. -

Propoflitio 21. Theore.
In cirenlo qm in cadem portione funs
angsli,equales fimto . -

o s
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C Itcirculus ABEE€; & B ¥
inciusportione AB G, . 0‘ '
8 def.7. fintangulia ABC.AEC, NGEO

€351,

& 32.1.

! ANE=¢
Wecaturdue ad centrum an-

gulus F. Quia ergo tam angulus & B,
quamE, c&i‘midium eiufdem anguli F,
fequitur eos inter fe efle pares. ‘In circu-
lo ergo, &c. '

) Vod i anguli  p—me—x
finc in {emicire o
culo ABEC, Q{,

aut in mivori por- | o

tiode , tunc quia in triangulis BG 4,
EGC, angili AGB, CGE, funt ¢ ¢-
quales,ficut & anguli B A E, ECB, qui
in portione maiore E CD'A, zqualcs
1am (unt oftenfi,eric etia itc:tins‘ ABC,
tertio C E A, d qualis, quod crdt des
monftrandum,

Propofitio22. Theore.
Quadrilaerexymein givcwle deferie
prorwm anguli oppofits duobns re=
St funt aquales, .
De-
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X D Eferipto quadiilatero A . B
} ABCD, in circulo 1 ;
~ABD,ducanturreéte A D, ;l\D
B C. Tuac vero quia anguli .
CA D, CBD, in 4 cadem rortione & s ~
CABD, & fimiliteranguhi DAB,DCB,
.in cadem partigue B A C D, funtetiam
- ,pares ; totus asguius C A B, duobus
f € B, DB C, xqualis eft: cd hiduo
additoangulo CD B, finnt b. xquales ¥ 32-1-
doobus re@tis ( couftituent enim trian-
lam. CD B . }Idem. igitur angules
‘€ D B,adiunétus oppofro € A B, cffl-
ggr.qno.que angules pares duobus ec-
HE o

>Prdpoﬁti’o 23, Theore.

Super cadems reila due circulorum
portiones fimsles ¢r ingquales ad
eafdem partes non constirueniny.

S Intenim fi fieri poteft fu- '
D per & B, fegmenta Gmilia @ :
& inxqualia ACB, A DB,

dulisque rectis AD, BC, A—"R

B D, crunt anguliD, & A C B, parcs

fuper cadem 4 portione A B. At eXter- ¢ ax
nus
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nus A C B, interiori & oppofito b D, pat
effe nequit.Super eadem crgo redta,&¢.

Propofitio 24. Theore. F

Swper equalibma.veStis lincis fimilia
" circulorum [egmensa inter fe [umt
" equalido, '

\:'pcr re@lis zqualibus 3

) AB, CD, conflituta .
finr fimilia fegmenta . 5 2C D

" AEB, CFD, quz fi rion

funt ¢qualia; collocerur A B reQafuper
ipflath C D, cui congruer, cum ponatur
¢qualis. Quod fi non congrucrentesiam
fcgmenta, tunc vel voum extraalecrum
fotum caderer & fic fimilia & inzqualia
{cgmenta fuper cadem CD conftitueré-
tur, velvium caderer partim exrra, pars
tim intra; & cunc circolus circulom fpea.
ret in pluribus punétis, quam duobus
putain C, F, D, fi cairculiperficerentur,

« 23, & quod vteumuis s eft abfordum, Super -

10, *

qualibus ergo reclis, &c. ‘
Pro-

i
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BB B ARIL IO J6

| Propofitio2s. Proble. -

Data portione civeuli Jef:rilzqré cir-
culuns cuius et portid,

I N dataportione ABC, »
A& fomantur vecunque tria @\
punéta A, B, C, iungan- e

wrdue duabus redtis A B,

BC, quibusin D & E bifedtis , adea
punéta excitentur perpendiculares DF,
EF, vbienim fe fecabuntpurain F, eric
circuli centrum. Centrum cniin erit tam
inrea DF,a quamin akera EF. Non
alibi ergoquam in F, alias dpo oflent
wnius circu?i centra. Centroergo ¥, fpa-

tio F A, defcribesur cisculus cuius por-
tioeft ABC. : .

Propofitio26. Theore.

eArgnli equales ad centra ant 4d
ambitum civcnlorum agualivm
infiftunt fegmeentis aqualibns.
Sine

[ 3 O
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S Int zquales anpali  x ,
AGG,DHF od. (A @

centra G & H,doci. AT 3P
torfue reétx AC,DF.
Quiaergo triangalorum AG C.DHF,
duo latera G A,G C,duobus H D, R F,
funt paria, & angdli G & H, ponsntbr
aquales) ¢rits bafis. A C, buh D F,z. .
qualis , quare & arcus AB.C, barcui

EF, erit aqudlis.Rurfus G anguli K &
1, finc xquales,anguli G & H, quiad cE-
ra fune, crunt ¢ corum dupli,ac proinde
arcus xquales : ideogue vtprivs AB G,
DEF, (quibus tam} anguii wd céntfa
quam adambitam infikunt) zqualese-
raut. Anguliesgo ad centtades..

Propofitio27. Theoare.

e ngnh’,ad censra aus Ambitnm ae
qualinms cirealorums infifienses da
gqualibns circulorum porrionibus,

funs aguales. ; .

S Ienim angulis BD C, ¥

F HG, zqualium ¢ir- .@

" culorum , aqualibus ¥y 4sGy

atcubus BK C,FLG,in.

fittune, & anguli ipfi mon funs xquales,

fit B D C, mator,fiatqueangulus C D Iﬁ&
ip
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3pG FH G, zqualis; ®qualesergoerune .
arcus CI, FG, quod efta abfurdum, @ a6.
gumarcus BC & F G, pofiti fint xqua..
Jes.Anguliergo B D C,F H G, incqoas
{es eflc non poflunt, ac proinde b necan- b ze,
. guli A & B, quifunt dimidij ipforam D
& H.Anguliergoadcentra,&eo )

| ProPoﬁciozS.} ’F-hc;ox.:f‘:.’,~

In pqualibus cirenlss gqnales refle
auforunt & “relinguunt - equales

peripherias . -

NA"p;ﬁ ia paribus
eirculis A B C), 8
DEF, re@g BC,EF, BRCEY '

funk mquales; fadtizan-- "

gulisad centraG & H, ecunt triangulo-
rum GBC, HEF, duo latera GB,
G C,duobus HE,H F, gqualia,cumue
bahs B C, bafi EF, fi etiam zqualig, =%
qualcseruncangylie G & H. Lquales s 8. 1.
£rgo portiones fust bBK G, ELEF; 6 3.,
quibus ablatis , aquales quoque relin-
qQuentur BAC, EDF . In zqualibus
ergo, . ) . - /s

- Pro-



~ diniain D, bifariah,ad quod

w8 LIBER III,

BRI OE

Propofitio2g. Theore.

In equalibus civenlis aqu&lu 'zzri-
JPherias aquales rellg linee fwbten-
dunt, .

N Amin figaris {uperioribus fi BKC,
E L F, {umptg fint portiones ¢qua-
les,pares @ cruntanguli G, & H : fed &
latera continentia funt zqualia, quare &
bafes B C,E F, qua fubtendunt zquales
arcus inter fe funt xquales.

"Propofitio 30. Proble.

Datam circumferentiam fecare
" bifariams. -
D Atz'peripheriz A'BC,. B
‘fubtendaturre@a AC,
unftum cxciterar ‘D B ipfi ABe
A C pérpendicularis, eritque peripheria
A B C bifariam in B,diuifa. Nam dutis
tetis A B.B C,quiatrianguloriD A B,
D-BClaws D A ipfi D C, cft zquale,
- & DB,

LA
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&.D B commanc,angtliue ad D recti
{usnt,cruat & bafes A B,B C xquales,ac s 4. 1.
proinde xquales b ctiam “peripheriz ¥ 2%
AB,B C. Se@ta eft igitar A B C bifarii
in B ; quod cratfaciendum,

Propofitio 31. Theore.

In vircwlo angulus qwi in femicircslo
veilus eff:qus i portione maiore, -
minor reélo; 5 qwi in minore,ma-
sor-: infiper maioris portionis an-

- gulns ¢5t masor veélo; minoris,mi-
nor, ‘

N fmicirtrio A D C,fiat T

vtcunqueangulus CD A, % =0

qué dico efle retum. N% C.A
ex E'centro ductire@4ED,
& latere C D producoinF, quig trian-
guli ECD duolarcra EC,ED funt
paria,pares quoq, ernncanguli s ECD, 4.1,
EDC, &intriangulo E AD, parese-
rant ob candem caufam anguli ED A,
E AD; totus ergoangulus AD C, vna
fi parte angulo C , & altera angulo
E A D zqualis eft , fed ij[dem angu-
lis C & EA D , oppofitis X internis

. z:qua-
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zqualis eft 4 cxternus FD A, .
Sunt ergo zquales quoguein- BANG
ter fe anguli ADC,ADF;
ac proinde retus veerque. .
. Etquiaino :rim;%ulo A CD, angulus
AD C, oftenfus eft reGtus, minor ¢ re&o
crit angulus D CA, qui eftin portions
D G B A,maiore quam fit femicirculus.
Nunc vero fumpto vtcunque punéto
G, inarcu P A, dudtisque retlis DG,
G A, quia quadrilaterum eft C G,anguli
oppofitid DC A, AGD, valent dues
r€ctog;{ed angulus D C E, minor retto
«ft,re@o ergo maior eftangulus DG A,
zui elt in portion D G A, minore quam
micirculus. '
Sed & angulus maiotis porzionis qui
continetur refla A D, -& circumfercntip
DA BC, maioreft re&o A D C,torum

- videlicet{ua parte. Angutusdenique mi-

noris pertionis qui tontinctur reta
AD, &argu DG A, minoreft quam re-

Gus A D F ,pars videlicet quam torum, -

Incixculoigitas, &e.

- Pros " |

A
’~.1

|

i

.
|
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+ Propofitio 32. Theore.

Si circnlum reflasetigerit, & & tailn
dudatur refta altera fecans circsua
. lums, aviguliquos ad tangentem fa-
_ cit,aquales erant s quifunt in ala
sernis ciremls portionibus,

Irculum ABC D,tangat Ay
re€ta EF,inpun@o D,ex .
quo ducatur D B, vtcunque
circulum fecans in B, deinde
excitata D A, ipfi E F, perpendiculari
(qua eritadiameter) ducatur A B,{um- « 1g}
* ptoq, quouis puntoin arcu B D,puta
C,ducanturetiam rectz B C,C D. Quo
f£ac¥o dicoangulos quos facit BD, cum .
tangente EF, aquales eflc angulis, qui .
{unt inalternis circuli portionibus. Hec
sft angulum B D E,paré eflcipfiBAD,
quicftinportione A BD; &angulum
BDF, paremeflcipfi B C D, quieftin P
portiune D C B.Niquiaangulus ABD,
infemicirculo breuselt, reliqui duo b 113
B A D,BD A, vnireto ¢ funtpares;fed ¢ 32. 1,

eft las AD E, valet ergo -
wectus augu s s du%s .

Fpx
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duosangulos BAD,BDA; Ay
ablato efgocommuni B D 4, @
. reliquiBDE, & BA D, ma. ' L li.¢:
neot zquales . Amplius quia
A C, quadrilatcrumeeft, anguli A, & C,
433 funt dparcs duobus relis, ﬁpcqt & anguli -
BD F, BDE: cum igitur angulus
y B DE.ipfi A, fit oftenfus 2qualis, reli-
qui BDE, BCD, inger ferclinquupur
@quales; Si igitur 'cnrcul;\un,&c.

: .Proéoﬁtid;}.f Proble.

Super data retla portionem civenli
deferibere que capiat angulum da-
to angularetlilineo aqualem. .

N I angulus datusficre- B _C
Gus vt D, & data reta . N F
fit A B, eadiuisi bifa. . :

riam in F, centro ¥, {patio
F B,duccturfemicirculus A E B,capiens
«31. 4 angulum reétum, B

o, SI vero angulus da- - R
tus fir acutus, vt C, @ P‘

& datare@a AB; AB

D .

# 23.%. applicetur ad eius # cx-
uempm A , angulus

N B

DAB,
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D AB ipfi C zqualis jdcindere&td A B,
diuisibifaridin E, excitetur EF,adre.’
- Qos ipilA B, &ad A,reta A H, ad re-
&os ipfi A D,iupgaturg; G B,eruntque
triangulorum E A G,E B G,latera E A,
EB,zqualia,& E G,communc,angulis
gue contenti, 2quales, xqualis ergo erie
bafis G A,bali G B,quare ficentro G, § 4.1~
J};gtic G A, ducatur circulus, tranfibit
-per extremum B; nunc vero duta retd
H B, quiadiametro A H, ad extremum
A, du&aeftad reQos linea D A,tangete ¢ 16
heclinea cireulum ; & quia d conta&a
di,&a:e&ﬁ A B, circalum fecat, eritan-
golus D A B, fenangulusdatus €, z-
. ?uah'sd angulo A H B, quicftinalterna v
c&ione AFB, hzc ipfa igitur fedtio 4 2Bt
HF B, fuperdata A B, capitangulum
dato angulo zqualem. ) :

S Imiliserit fructura &
J detur angulus obta-
fus C, & fimilisitem .
demonftratio , capiet e-
nim arcus AH B, an-
gulumobtufum B H A, ipfi GAT, hoc
eftdato angulo C, zqualem .- Superdata
£1g0o; &¢. e

\

F2 P;o-; |
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Propofitio 34. Proble.

A dato circulo portionem auferre

dato.

It datus angulus F, & .

circulus A B C, cui ad @Bﬁ
gquoduis punctum, puta C, $EE
applicetura tangens D E, - )
fiatque angulus B C E, ipfi F, ¢qualis e

" ritqueangulus quiuisin portione CA B,
‘puta BAC, b zqualis ipli. BCE, feu
_ datoangulo F,cumangulus CA B, fitip

alternacirculi fe&ione.

|

gqus angulnm capiat parems angulp.

|

[

I
i
4
t

P'topoﬁtfo_ 35,Thcor¢; -

Si incivenlodutrella ¢ interfecent,
rellangulum [ub fegmentis vniug .
aquale erit rellangulo fubfegmen.
sisalserins contenso, '

’

Ipcirs

11
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N circulo'AB C D,retz

A C; B D, fe interfecent o
" inE; qug'fetio fi fitin cen- »

tro, tunc cum omnia fégme-

'ta fint ®qualia,erit rectangulum (ub feg-

mentis vnius. 2quale rectangulo fub feg-
mentisalterius. Quod fi inalterutratan-
tum puta A C, fir centrum circuli,fecet-

-guc 4 alteram BD , xqualiter & ad re- «

osin E, tunc duéti re@®i FD, ex cen<

r fare®a A C, bifaridmin F, & .

. troF, ?}J
. ‘wod bifariam in E, diuifa eft,erit reGan-
gulum #fub AE, EC, fimulcom qua 4.3, .

-dratoiplus E F, 2quale quadraroipfiys
¥ C,vel FD,feu duobusexc FE,ED;,
fed quadratum ipfins E D-cft re@angulii
fub partibusreéte B D , (e@z xqualiter
in E ; Igitur re@angulum fub parcibus

. E D,E B,addito quadrato ex E F,zqua-

1e et quadraro ipfius F D, ficuc & re@tz.
gulum fub partibus inzqualibus ipfins
A C, adiuncto codem quadratoex EF,
ficbat ¢quale quadrato ipfius F D; Abla-
to ergo communi quadratoex EF, re-
@angulafub AEEC, &fub BE,ED,
remanent zqualia. :

-1 vero in alterytra re@a A

puta A C, fit cEcrum cir- D‘%
culi F, & vtraque lincainz- )
qualirer in E dividawur,ductis

¥F3 ED,

3

4715
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FD, &perpendiculari FG, - A
rectangulum f{ub partibus

AE; EC, cum quadratoip- ° s
‘fius E F, par eritquadratod

ex FC,vel FD; Similiter re€tangulum
fub B E, E D, cum quadrato ipfius EG,
aqualiafunt quadratp ex G D, & hoc cil

quadrato ipfius G F, zquale eft quadra-
toipfius D F,quare additis ad re@anguli

fub DE, EB, quadratis ipfarum E G,

‘G F, feuquadrato eipfius EF, fiet re-

&angulum fub D E, EB, 2quale quae -

dratoex DF, cuietiam a:gua_xlc erat fres
&angulum fub partibusipfius A C, ade
iunéto quadrato ex E F, hocergoqua-
dratoex EF, communi ablato, retans
gulafub AE,E C,& B E,ED, maoent

zqualia.
f)lEniqucﬁne‘utra DG A ~C

per sentrum tri- ¢ :
fear, & vnaexillis bifas . A
- riamfecetur, aut rea- .

dacB ) :
tra: ducatur per centrum F,& fe&tione

E reta G H , tunc vero quia oftentom
eft reCtangulom fub A E.E B,xquale cffe
rettangulo.fub G E, E H (fiue A Bydia

wifa firbifariam, fiue non)item re€tangu-

. blumfub C E,E D, zquale effe cidem fub

GE EH,(fiuc CD,bifariam fc&a i fis

ucnon ) crit re®angulumfub AE, E B,
, xqua-
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.quale retangulo fub C E,ED . Quod
erat demonftrabdum . Si ergo in cir-

- culo, &¢.

\f’;opoﬁtio 36. Theore.

Si-a punclocxera circulum ducantur
dus recle , fecaps vna, alteratan-
gens circnlumreclangulum fub so-
ta fecante & parte que eidem ad -
ielacft vfgue ad puntlums, aquale

. eritquadraro tangentis.

I X punéto A ducatur - A >
. A B, circolum fecans, 2
" que primo tranfcat per cen- )

trum C,agaturdue 4 infuper 17,
1eta A D, circulum rangensin D, ad-\
iundta re@td C.D, qugerit bad rectos b 19

. ipfi AD. Quia ergo re@a B E, bifa.

riam fe€ta eft in C, eiadiun&ti cft
E A, crit re¢tangtlumefub AE,AB, ¢ 6.5
cum quadratoipbius EC, vel CD; -
quale quadrato ex A C: fed hoc idem ,
quadratym ex A C, valerduo fimold 4 47,8
quadrata cx AD', CD; {i igitar aufe-

1as quadratum commune ¢x D C,.re-
‘F 4 © s Sanst
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¢tarigulum fub A E, A B, fit zquale qua-
drato tangentis A D.

Vod filinea A B,won - B
tranfeat per C cen- A
trum,ducarur ad cam o

C F, perpendicularid item

alizretz € D,CE, CA. Cumigitur
reCtangulum fub AE,.A B, addiro qua-~
drate ipfius EF, parfice quadrato cx
AF, addito communi quadrato ex FC,.
quadrataex A F.F C,{eu f quadratum ex
A C,zqualeerit re&tangulo fub A E,AB,
vnd cum quadratisex EF,FC, vel cum

"quadrato ipfius E.C Quiaergorectany

gulum fub A E. A B,com quadratoipfius
<C E vel CD,zquiualet quadraro ipfius
A C,veldvarumyg A D,D Cjfi auferatnr
commune ex D C,vel C E,retangulum
fub AE, A B, mantbit zquale quadrato
ipfius A D. Quod erat demonftrandum.
3i crgo 4 puno, &c. '

Propofitio 37. Theore.

Sia punlo extra circulum ducantur
refladne.quarum alterafecet, al=
serain circulam incidas, fisgue vea

- Eangulum [ubfecante, & adiela
’ g parse
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parte vfqut ad punilnm,aquale in-

“cidentis quadratoyreélailia incides
, circnlum tangit,

E X punéto D S n v
exrra circa-
lum ABF,duca- * AT A
tur re@a D A, ¥ v
fecanscirculumin C, fitgue re@anguld
fub D A; D C, #equalequadrato redtz
DB. Dicoretam D B.rangerecirculd.
~"Nam duti ce@ti D F, 1angente s circu- 4 174
lum in F iungantur ¢ cenuo E reGta
EB,EF, &fireta D A, non tranfit per
ccutrum E ,addacur etiam D E. Nunc
vero quia re@tangulo b D 4, D C, ¢-
vale eft b quadratum tangentis D F,ei b 362
“dem§uereétanzulo fub D A,D C,poni-
tur zqualcquairatumipﬁus' DB, erunt’
quadraes retarum D'F, D B, zqualia;
ideoque & iplz ¢quales. Quiaergo trii-
gulorum D F E,D B E,duo latera D F,
FE, duobus D B, BE, funt2qualia &
balis D E; communis ; eruns ¢ angulic . r.
DFE.DB E,zquales;eft autem dangu- 4 19.
Jug D'FE, reGus, reftus ergo etiam ¢
DBE, idecoduéere@ta D B circuluny s 16,

. tangit. Siergo extra circulum, &c.

By V-
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Definitiones.

3 Igura retilinea in altera.
retilinea diciwur ioferibi,
\§ cum. finguli cius quz in--

fcribienr anguh fingula la-.

tera axungnnt eins in qua dicitur in-
fcribi . -

triangulo D E F:at trid-
gulum G HK,son inferi-

V Ttrian;ulﬁzilc, »
inferiptum eft  in @ éﬁ ‘

biturin tmmgulo LMN, Zuu .wg‘a,:

Ine 83, mon mitingis lngne M
S S 3 Fis
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a Figura cireum fignram defcfibi dici-
tur cum fingula ejus qug circumfcribi-
tur latera fingulos angulos tetigerint fi-
gure, qua intus cft de?cripta.

Vtin fuperiovibus exemplis triangus
Ium D E F, ei? deferipsum civcatrian= -
gulum AB G, attriangalum LM N,
non off defirsptum cirea GHK.

3 F Igdra re&ilineain circuloinfcris
bidicitur cam finguli cius anguli
circulum tetigerine . Vs in figura defini-
tionis fextatyiangulum ABC, civeulo
A D Byeft inferipsum,non autem tyian-
gwlum DEF, ’

4 F Igura vero rectilinea A
cirea’ circulum  de- nﬁ o

feribi dicitur, cum fingula 3

eius latera ambitum circuli

tangunt. Vi triangulum 4 B C, deferips
sum eff circacivenlum DEFe

Fé -§ Sig

-

P
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Sblmlhtcr & circulus

A
in figura re@ilinea PA) o
mlcnptuscft cum e- !ﬁc

ins ambitus tanglt {ingula

* Taterafigurz in quacirculus deferibi di -

citur. Vzcirenlss DE F, inferipius eff

in triangnis A BC.

6 C Irculus autem circa s )
ﬁguram defcribi di-

E A
citur, cum circuli ambitus

~ tangit angulos omnescins €T B
figurz qui circumfZribit

Vicirculus ABC D, deferiptus eff ciy-
ca triangulum A B C, non autemcirca
DEF.

7 RE&a lineain circuloac- B
commodari vel aptari
* dicitur , cum eius extremain’ o
circult pcn_phcna fuerint . V¢

linca A B ; aptasacht iv circulo AB C:
ponantem CD .

Tropcﬁtiona.
' Propof itio 1. Proble.

- In dato circulovelams accomvsoda=
" reaqualem dare vecla lineg o qug
circulidiamesro maior non fir.

T ln cire
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1 N circulo A B C,-aptd '
A dafic linea zqualis ipfi @d'
E, qug diametro A C,ma- &
ior non fit , nam maiot -
diametro s nullaaptari potelt . Quod fi 4 15,28
diametro A Ceffer zqualis linca E, ipla
diameter AC, effet accommodata vt
petitur. Sicrgo linea E minor fir diame-
tro A C, ablcindator zqualis AD, ac .
centro A fpatio AD, ducatur circulus
B D, jun&aenim recta A B, aptata erit
incirculo A B C, & cric zqualis ipfi E,
cum F, fit xqualis ipfi A D, cui zqualis
ctiameft AB. ‘ : "

‘ Pljdpoﬁtio 2. Proble.

In dato circnlo triangnlum defiribes
re data(riangulo 4quia\ngulnm».;. .

S Irdatuscirculus A- @

B C, &triangulum . . P
" DEF,Dutaatangente A °DB“ 4 163

G H,ad puntum B fiar . :
angulus ¥ HBC, zqualisipfi D, & 4 251

"G B A ipfi E ponatur zqualis , ducatur-
Quere@a A C, & erittriangulum A B C

quod petitur : nam quia angulus HB C

xqualiscltipfi A ip alterna ¢ fectione, & ¢ 32.5-
. - cadem
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cademdecavfa GBA, ¢ w’
ipfi C ; erit quoque an- B
l:xlus Di ﬁx,&qant’u- A ann?
us E iph C zqu@ﬁs; ,
d 331, quare & tertius F, ipfi 4 angulo B zqua-
lis erit.Jn dato ergo circulo, &c. -

Propofitios. Proble.
Circadatii circnlii triangnlii deferie
bere dato triangulo gqniangulum. =~ -

QI darus circulus AR
'A B C, & triangu - e AS
lam DEF,produto- §f CrLE ¥®
que latere EF, in G, - :
& 33, 1. & H,angulo D E G,zqualis fiats ad c€-
. trumangulus AIC, & angulus BIC,
*~  angulo D FH; necnon ad fingula pun.
$ 16.3s &a A,B,C,ducantur b tangentes K L,
) L M.MK: critquetrianguluh KL M,
triangulo D EF, ¢quiangalum . Nam
quiainquadrilatero A1 € L, anguli ad
A & C ¢ funt re&i, reliqui L& AIC
_ duobus retis funt pares : fi enim duca«
tur L1, duotriangula ALI, CLT ha-
d 33, 1. bentangulos pares d quatnor reis; cum
. igitur duo reti fintad A & C, reliqui
continebunt retos alios'duos « Siergo
* anguli AL C, AI C, valent duos re&os
cum angulus A X C fiv zqualis ipi
R 1

* 1% 3.
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D EG alterangulus AL C parerit an-
§nlo D E F, quandoquidem anguli circa

atns D E fine ¢ duobus rectis zqnales . e1s. x,
Eodem odo in quadrilatero BICM :
oftendetur angulum Mefleipi DFE ¢.
qualem. Quare & tertius D,tertio angu-
Io K efit zqualis, Circa datum ergo, &c. .

. Propofitio 4. Proble.
In dato sriangnlo circulum defiria
o b
) A winigati A5 C A
duo \quinis anguli E a
C BA, 2 OB biteotior x .91
‘perretas DB, DC, oc- “

currétes in D , 4 quo punéto ducantur b & u.‘x,', :

b E,D F,D G, fingnlz fingulis lateribus-
trifiguli dati perpendiculares. Nunc vero:
, quia triangula D B F,D B E, habent fin-
gulaad E, & F,vnum angulum re@d,&

- alterum D'B F,calteriDBE zqualé;la- ¢ conftg’

tus.infuper' D B cdmune;erunt dctid la- 4 26,1
tera D F, D E ¢qualia ; fimiliterq. often.
detur re®i D G,1¢&¢ D F zqualem effe..
Si igitur centro D, fpatio. D F, ducatur
cizculus F E G, tranfibit perpuna E &
G, tangetq. latera omnia trianguli datt -
A B Glndatg esgo wiangulo, &c.
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EERGLE PP TR R SER P
‘Propofitio 5. Proble.

Circadatum trxangnlum cnculum
de[mberg_, .

Rvnguh A

da.tl ABC SO
duolarcraAB, @ @ .‘
A C,diuidan-

tur bifamam in D & E; ad que punita
excitans perpendxculanbus coibunt illa
" in pun&o F, velintra triangulum, velin .
latereipfo, velextra, vt m%guns ordine
apparet . Ducanturinfuperre@z A F,
BF,CF,f omnes,autalique-carumante
non fant duétz. Quia ergo tnanegulom
unt 2-
qualia, & DF communoanguhquc recti
ad D ; erit & balis A F, ipfi F B zqualis, _
pariterque oftendetur F C ipfi F A,eflc -
- zqualem. Centro ergo F, fpatio F A,du<
cetur circulus A C B, qui tranfibic: per
pun®a C &B. Cuca da:um ergo man—'
gu&xm .

~.

S .Proé
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| - Propofitios. Proble.

Indaso circnlo quadratum 'deﬁ;n‘-
- T obere,. . -

N .

N datogjrculo ABCD, » C

fecent fe ad rectos in cen- @

_tro Ediametri AC, BD, D8

ducanturque reétz A D, A B,

! CB, CD: oftendctur ergoomnes has

~ lineas efle zquales bafes triangulorum -

| fuorum per 4.1. & funt anguli fupra illas
bafes, puta fuper A B,# ¢quales, quia - « 5.3,
qualia funt latera EA, E B:_cumergo
omnes anguli ad E fine re@i, omaes qui
funt fupra bafes crunt femire&i , totus’

1‘ . ergoangulus A BD, & fimiles,{unt re+

!' @&i: figura ergo ce&tilinea A B CD,qua-

L

dratumcft,defcriptum in circulo ; quod
erat fzciendum, - .

Propofitio 7. "Proble.
. Circa datum circulus guadraiam -

' deferibere, o - -
' fc ,b Dudis

§
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138 LIBER IV,
D Vs diametris fe ecan- 3 AQ -
tibus ad retosin E cen-
tro,percaremextrema A, B, 3¢5
C, D, ducantur & tangentes .
FG & fimilesy eritque figura reétilinea
FG K H quadrata ; 10 qua rectilineum”
A K cft parallelogrammuom,funt cnim 4
anguliad A & C,reltisergo laterac AG,
C K parallela, fimiliterque parallele

!
J

funt AC, GK propterangulosad B& |

E rectos. Cum crgo angulus A CK res
CQlus fi, eric etiam d oppofitus AG K re-
&us: fimiliterque oftendetur angulos ad

. FEH K, re@osefle Item G K qqualeeft

oppofito A C,ediametro circuli,& oma=
nia alia latera figurz F K oftendentus
diametro circuli ®qualia. Sunt ergo om.
‘pes anguli redti & latera @qualia in fi-

. gura FK, & per confcquens eft quadia-

tum.Circadatum ergo cireulum,&c.
Propofitio 8. Proble.

Indatoguadrato civculum defcria
D Aviquadrati AD, la- Arp

teribus A B, A C, bifa- <Y
riam fe®tisin E&F, ’pcr E Eg'\_Zo
1c2 E G, parallelaiph A B, e

& per
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& per Fducatur FH ipfi A C fimiliter
parallela ; eruntque alateribus quadrati  33.2.
& inter fe zquales. Etquia A K paralle-
Jogrammum oft , erunt lateta oppofita
¥ K,A E dimidium lateris & quadrati.z« b 14 b
. qualia « Similitcrﬁuc oftendetur omnes
rettas KE,KF, KG,K H, zquales cffe
“dimidiolateris quadrati, & inter-fe. Cen.
-troergo K, fpatio K E ducetuy ciroulus
' E F G H tangens omnia latera quadsati.
- Indaroergo quadrato, &c. '

- Propofitio 9. Proble. -

Circadaiwm quadratum circnlums
deferibere,, .

I N datoquadrato ABCD,. B
du@is diametris fe .ﬁ:canl-. \'@ ,
tibus in E, quia triangali .
ABD lateraAqB,AD(%nt »—c .
" zqualia, eruntaangali ADB,ABD 4 $5.2s
zxquales & femire@i,cumangulus DAB
retus fiv: fimiliterque oftendetur om-
nes angulos geminosad A; B, C,D, effe ,
xquales;quare latera 6. E A,E B, &c.inter b 6%
fe clle qqualia.Centrocrgo E, (patio E A,
. ducetur circylus AB C D, tranficns pet
- . ’ omnia
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omnia, punéta extremaquadrati . Circa

" datumigitur quadratum, &c. -

d 1.3,

. 837-3,
P LI

Propoﬁtio 10. “Proble.

‘Trizngnldm Ifofceles conflitnere in
quo utergue angelus ad bafim fiz
¢ dnplus reliquis C

E&a A B, fecetur in

C,inxtazr.2.itave -
re¢tanguiom fub A B,
B C, fit £qualc quadrato
sectz C A, Deindefalto
centro A, fpatio A B,du-

catug circulus B D E, inquo aptetur s

re@a BD, ipiA C, zqua]is,iuné:h's in-
fuperre@is AD, CD; erip§uetriangu.’
lum A B D,zquicrurum, Quare b & an-
gulifuprabafim B D funt zquales: Nic
vero hofce angulos fingutos effe duplam

tertij anguli &, fic oftendo.-Circa trian-

gulum ACD, dato ¢ circulo DC A,
quiare®angulum (ub A B, 8 C, zquale
eft d quadrato cx C A.feu B D.percon-
ftruitionem, & A Csirculum fecat ipfa
B D.cangit ¢ circuld D C Ajquare angu-'
las C D B, zqualis eft £ipfi A in alterno

feg-
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fegmento; & communi C D A addito, -
duo anguli A & CDA g¢quales funt
duobus BDC & CD A, hoc eft roti
A DB, vel ABD. Etquiaangnlusex-
ternus B C D, duobus g internis A & g 32- 1.
A D C,¢qualis eft,erit idems B C D, par

-ipfi CBD,vel ADB; & proinde b re- b 6.1

&z D C,D B zquales,cum paresangu--
los fubtendant . Er quia B D, pofitaeft
ipfi C A zqualis,pares erunt rectz C D,

CA.Quarcianguli A& CDA zqua-i st

les. Duplus crgo eft angulus externus
B.C D, ipfius A, & ein{dém dupli quoque

_angulifunt C B D,A D B,qui ipfi exter-

no B CD pares oftenfi funt. Triangul@
£180 Ifofceles, &e. .

Propofitio 11. Proble.
Ins dato cirewlo pentagonnm ¢qnilates
Tum & aquidngulumdefribere .
Sfmpto trid= . A |
gulopa Ifof- - E
xele EG H, cuius B )
ang;lli G [§c H, du-
lifintipius E, in - ¢
firulo ABCD,s © 2% My

fiat illi #quiapgulum ACD, bifarizm- o
. ' ue

-
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Queldiniddtor an- ‘

i & A {
¢9-3. gulic A CD, - E
AD G.Iuétis B .
deinde retis A B,
" . BC,DEFAfai- &S oH

&um erit quod
.. proponitur. Namquia anguli ADB,

4 36, 3. BD C funt pares, paresctiam erunt
arcus A B,& B C,& candem ob caufam
omues reliqui arcus funt ¢quales, & ome -

¢39. 3. heserex A B, B C, &c. zquales,qua
pares arcus {ubtendunt . Sed & angulus

f 37.3 A BC, fangulo B CD &reliquis qua~
tuor fimilibus cft ¢qualis, co quodin ¢-
qualibus {egmentis fint omnes . Indato
ergo circulo, &, - '

Propofitio i2, Proble.

Circa datums circwlum pentagonums
"« eguilaterum deferibere_, .

N dato circulo A= T A
~ [

G
B C; notétur quin- ﬁ
< quepun®aA,B,G, P E
D, E, fignantia q’uin: Kk (""‘
> B
Xe

. queangulos pentago-
_ . ni zquilateri in-cira -~ .
am  cdosdeleripti ;ad quepun@acxcen-
. . {
N ’ tro
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i

. ¢ro E ducitur toridé re&= F A, F B,&c.
3 rutfusque ad earum extrema ducantur
’

!

'

tangentes quz concurrent & in angulis b 82,11
G,H, K, &c. fa&umiueexit quod peti-
tur. Nam quiain quadrilatero BFCK,
quatuor anguli quatuor ¢ redis xquiva- ¢ 33. 1.,
leot, fimiliterd; in quadrilatero CFD L,
& anguli ad B & € re&ifunt, ﬁq{xitur
angulos BK C, BF C duobus rectis ¢- .
"quiualere : fimiliterque angulos CL D,
CFD. cumque BFC & CFD fim
anguli xquales 4 ob parés atcus B C, 4 39, 3,
CD, reliqui BKC & CL D erune
zquales ; parique methodo oftendétur
angulos reliquos pentagoni inter fe effe .
. aquales . Nune vero effe zquilaterum
" fic oftendo. Dudtisre&is ¥G, FM,
. erit quadratgm cx FG ; ¢ xquale qua- ¢ 47.1)
-dratistamipfarum AF, A G, quamip-
farum E F, E G.Quare ablatis quadratis
l ¢qualium A F, » quadrarta reliqua-
rum AG, GE, manent xqualia, sc
proindere®z AG, GE funt gquales .

/

. Cumque anguli FAG, FEG & con-
+ tinentia Jatera fint zqualia, erunt trian=

gula AFG, G FE iukrag. 1. &idcirco
‘ anguli AFG , G FE zquales . Eadem
i methodo oftendetur triangula FEM ,
. M FD cffe iuxta 4. 1.ac projnde angus
' los EFM,M F D eflc zquales. Quarcan-
Lo “ guli,
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gult, EF G, cum firic HAG
dimidij  xqualium 2 A -
EF M, cruntinterfe B 'j 55
pares . Quiaergo in K M
triangulis G F E, C=p

E F M, duo anguli .
circa reCtam E ¥, {unt pares, & latus ad~
iacens EF, commune cft, reliqualatera
f & anguli erunt zqualia. Equales funt
ergo re¢tz GE, & EM, dimudix ipfius
G M . Evdem modo oftendetur A G
cfle dimidiam ipfius G H. Cumque
dimidiz G A,GE, oftenfz fint zquales
erunt & -tota latera pentagoni GH ,

~GM =zqualia, fimiliterque de- cateris

procedet demonftratio. Ergo, &c. ,
Propofitio 13. Proble,

In dato pentagono gquilatero @ oo
guiangulo circulums ivferibere_,.

Ati  pentagoni - G B.
" ﬁB CDE, an- "
guli duo . proximi
EA B.ABC bifecen. 54
tur 4 per rectas A F, LK
BF, &dpunétoF, in »
quo concurrunt , ducantor etiam redz
FC

M
o

e — L
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¥ € & ceterz ad reliquos angulos. Quia

-ergotriangulorum ABF,F B C duo la. _

tera BA, B C zqualiafune, & B Fca-

munt, angulique contenti ad B funt pa-

zes; erit b totum toti zquale triangulum;
anguligne & latera correfpondentia z-
qualia : pares ergofuntanguli BAF,
BCF, Cumqueanguli BAE,BCD

b4t

ponantur zquales,ficut B AF eft dimis.

dium totiusanguli BAE, ita B C F di-

* midium erit totius B CD . Hic ergo

t * angulus & reliqui in orbem , fe@i fune

bitariam.Ducantur deinde F G,F H, &¢.
fingulx fingulis lareribus perpendicula-
res. Et quia triangulorum GFB.BFH
duoanguli FG B,G B F ducbus FH B,

"F B H funtpares,& latus FB commu-
.me, zqualia ¢ ctiam ¢rune latera FG,

F H, & his pari modo zquales erunt

FK, FL, FM. QuarccentroF fpario
¥G ductus circulus tranfibit per pun«

&a M, K,L; M, & ficin pentagono cit-

-. enlus crit defcriptus.

G - .Prow

DGR N
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Propofitio 14. Proble,

“ 1 Circa daswm pentagonum equilater
O equiangwlum armlum deferie
b:rg_, .

Ari pentagoni A'B. _
' CDEngulisABC %, B
‘BCD fe&tis bitariai per -
- ]

‘reGtas ¥B, FC, inFcon- *
nenienges , du&xsquc retis
F A, FEFD wuiangulorum ABF, BF Cc
duo latéra B A, BF duobus BC, BF
zqualiaerunt ; & anguli ad B contenti

# 41 xquales. Bafisecrgo AF bafi FC =-

. qualiseft;oftendeturque vt in fbp prop.. -

‘rcliquas F A F D,F E dividere fana.m
angulos {cllquos & omnes effe lineasine |
“ter fe 2quales. Centro ergo F {patio F B
-ductus circulus tranfibic per refqua pud-
GaCD,EA. Cuca.datum ergo, &c.

~ I

Propoﬁup 15. Proble.

Tisdaso circulo hexagonum aguilases’
(.,(m & dimaugulum mﬁrthr(__, .
RN
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B

N dato circulo ABCD, >
! cuius centrom G, duéta * -
.diametro A D centro D, » ]
{patio DG ducatur circu- \ B

lus EG C, fecanspriorem .~
inpunétis E & C,dudisque per centrum
G adamibitum reis CF, E B, iungane
+ ‘turre@z DE,D C,&c.critque trianguld
; EGD aquilaterum ( quareeius omnes
anguli & crunginter fe pares , & quiliber 44,9,
| ’ erit pars tertia b duorum re€torum ) cui by 8/
1

per.omnia quale eft trizgulom DG C.
' Jaim vero qQuig re®a E G cadenscinre- ¢13.v.
'« &am F< facitgquales duobus re@is, ¢l

" -anguliEG DD G C, fint duz tertiz,

.. duorkm :ci&orum {equitur -angulum

".© - EG'F eflc partem’tertiam duorum re-

&orum , & zqualem duobus pripribus

. anguliss func ergo triad uian%ula EFG, d4.1.

" EGD,DG C vndique equalia; & quia
anguli FGA,AG B,BGC funtadver. )
ticem angulis prioribus, omnes fex 4n-
guliad G funt gquales:quate omnes cir-

~xumferentize A B, &c. omnesquefre ¢ 36 3.
&z illis fubrenz (unt zquales. Eft crgo fam
hexagonum A B CD E F zquilatefum 4
quod idemeft zquiangulum; nam omnes
anguli FED, & alij, conttant duabus
| - ‘eertijs duorum reGorum,vtoftenfum cfta’
1 Ia dato ergo, &¢. ol

Gz Cor
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I N datocirculo ADC

defcribatur 4 trianguld - B A
. &quilaterim AEC, & o

. pentagonum zquilaterum B

148 LIBER Iv, ..
- Corollarium.,

. Hinc manifestuns eft latus hexae

© yomi equale ¢ffe femidiameiro civemlis

nam latws D E gqnale eSt femidiae

oo .D Go

Propofitio 16. Proble. -

In dato cirewlo guindecagonum gquis
» larerum 5 ¢ equiangsinm inferi-

bere.

.Y

AD B FG, cuius angulus vaus conftis
tuarur ‘ad aliquem angulum trianguli

puta ad A . Quia ergo A C fubtendic

textiam partem circuli, fi towus circulus
in quindecim partes zquales divifus in-

.xelligagur , in arcu A G C erunt ex ije

quinque ; & cum A G fitquinta pars, in

£0.arcu erunt partes tres; dug ergo erunc

\ in

——— e
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inarén G C: quo dinifo bifariam 1
H ¢érit GH pars deeima quinta circuli
torius. Quare duti fubtensd G H,f ap-
tentur b in circulo quatyordecim aliz 5 4,
zquales , incipiendo d punflo G vel H,
defcriptum erit in circulo quindecago-
num xquilaterum : quod ctiam-crit ¢ =- ¢ 37. 3.
?uiangu'lur'n , cum eius’ anguli omnes

ubtendant arcus zquales tredecim late-

rum quindecagoni : nam angulus H ab
arcu G H & eius fubtenfa comprehens
fus fubtenditarcum G AD H & fic de
cateris angulisque jplora latera quinde- S
cagoni dudta cflent. In dato ergo circu- ’
lo, &c. . : Yo .

A
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Y

tu‘dxms,mmor maioris,cll
minor metitur maiorem.
§ Vtlinea duorum pedum,

pars efilinea fex pedum,

C gum miner tervépetita metitur, ¢ ad-
_aqunt maiorem. Stridtiore hoc fignifica=

# accepit Enclides women Partiss prose

Pars aliquota.Vnimer[alins;Pars cft quz
aliquotics repetita metitur denique vel

. fugcrat maicrem: & fic comprebendituy

#tiam Pars aliquanta, qua totum fuism
Bon mesitur, glula pars off 2.vefbeltn
- gl

Ars cft magnitudo magm-_
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3p/iws 8.Subhis porre numerorum exem=
plis magnitudinesinselligantur;puta li
mee pedum Ruorum, & pedum quingse.
2. Multiplex eft magnitudo magnitu-
dinis maior minoris,cum minor meritug
maiotem.y't 6 ¢St multiplex pfins 213Mi,
mor vero refpeitu maiovis ‘dicitur Sub.-
multiplex. Vaikerfalius ; Multiplex eft
magnitudo magnitndinis maior mino-
ris, cum minor repetita metitur, vel ex-
cedit maiorem: arque ita Tos um pon 14+
tum refpeltu pariss Aliqguota ; fed etiam
veipedtn Aliquippe dicetur multiplex,

putas.refpectiiipfins 2.

3. Ratio cft duarum ciufdem genetis
magnitudinum mutua quedam fecundid
quaatitaté habitudo. Duod Graci Aiy®-
dicunt,Latins reddunt, Ratio,qua atiud
non i quam Auarum eiufdem generis
magnitudinum (nam qus generis (ant
diueri,inter fe conferri non poffunt puta
Livem cum fuperficie ) comparatio fecun-
dum exceffum O defeitii s fiueinratione
totiecs Or partis, ant csiam fecumdum a-

ualitatétque dicitur Ratio equalitasice
%tmt ergo i1 omni vationeduo Terminiz
® quibus prior,quiin cafu nominandi fo-
los effervi,dicicur Aprecedens ; pofierior
veroquiin aliofafu fubidgitur, dicitur
Conl?:qncns. Vigum dicolinea 4.peduns
- G 4 R of¥
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ofi dnplalinea 2. pedum s ansecedins by
i rationss ¢ft linea 4 pedum, confequés.
wvere offt lineanr. Exceffus antom antece-.
Aentis (nam antecedantis loco ponere fo.
lemus id quod mains eft ) [upra confes
gquens,dicatur Differentia terminorum,
~Rationi vero aliaeff Rationalis, que
&ft inter magnisudines comméfurabiles,
€& numeris exprimi potest, vt ratio due
pla,sripla, & alie Anumeris denomina-
#4, Irrationalis swtem e2, que eft inter
magnitudines incommenfurabiles o nu-
meris exprimi nequis: pukliceft inter laa
" Sus O diamesyii einfdé .Q‘udnti; quh-
" wis enim diameter fit lasere maior, daff-.
piri tamé nd poreft;quiito fit maior: neg
enim dimidio, neq parsetertia, negg vila
alianumeris defignabili, maior est dia«
“moter qué latss Quadrati- Diciitur vero
magnisudines illaincomenfurabiles,qui.
bas nulla comunis menfurn poteft adbi-
beriznulls enim quantumsisexignapars
Jomi potefique latws fimul &r diametri
guadratimesiaturinam fi metiatur dia-
metrii,mon metietnr latus; ant & cinerfo.
4. Rationem dicuntur habere inter (e
magnitudines,qua multiplicacg [uperare
{e mutuo poflunt Nullaergo eff rasie fi-
®iti adinfinitum, linea ad fuperficiem ;
CHum neque magnitrido finita infinitam,
S : ”:
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nequo Lings fuperficiem,quacungse mul-
siplicatione fallapoffit fuperares . :
5. Igecadem rationc effe dicuntur ma-
, gnitudines, prima ad fecundam, & tertia.

ad quartam , quando augtis quacunque
multiplicatione antecedentibus(qu# sit -’
prima & testia ) auéis ctiam cadem vel
alia quacunque multiplicationé confe-
uentibus ( quafunt (gcunda & quarta}
emper eucnit vt cum multiplex prima.
auc maior cft aut xqualis, aut minor qui
multiplex fecund 2, talis quoque fit mul-
tiplex tertiz ad-multiplicem quartz.
uatuor magnitudines effe in eadem

" ratione noneff aliud quam primam-ita

effe maiorem fecunda, ficsut tortin maioy
&/t quartafisie fecundam effe salem pare
semprime, qualie pars sertin ofi magni-
tudo quartaiuxta def.3. Anvero quae
tuor date magnitudines fint buin(modi,

. hoc,quod arralimus,iudicio deprebende-

tur. Nam in magsitadinibsus ABC D,

Jifutnatur duplum

G .8. 16, 12, 24
F 12, 12, ‘18, 18,
E S8 6 12. 9.

4 2. 6. 3.
A cC D

antecedentii,Op tripli confoquentii, vt
o Gs fa-
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fadief inordine E, tiic ficut multiplex

prima fuperat multiplicem fecunde, ita -
" multiplex tertiemuleiplic quarta:az in

- evdine Ficii fumisnr 1riplii antecedentiid,

\

O [extuplis confequentiii, multiplapri-
C ma ¢ feciide, it tertie ¢ quarta,pari~
ter funt aqualia;inordine auwté G cii fu-
mitur dupllantecedentii, & oBuplym
confequenti® tic multiplaprimae (v ter-
sia pariter minora [uns mulsiplis feciide
& quarte;neque alind vnqui encniet in
quibufeumque alys multiplicationibus;
wnde colligimaus magnitudines A, B,C,D
effeinecadé vatione. Quivuic auté heoc exé.
plum in magnitudinibus cémenfurabili-
b3s,C> numeris propofstii fis, idé tamen
esenies invatione otid irrationali, quod
“intelligatnr in fequentibes etid exéplis,
A boc indicis inbet Enclides innefti-
gari an magnitudines in sadem rations
fintiquod guomoeds cum natura intima
pwoportionalidicohareat fic oftédo. Duin
ratioeff magnitudinum fecundum qui=
titatem ciparatio; mon eft alind magni-
sudinesin eadem ratione effe, quam effe
in eadem comparatione fen babitudine
maioris & minorss, totius Cr partis ; fi
“momen partis latios [umintury vt cGpre-
hendamua: stidproportiond irvationald.
Non posef} aptems ¢ quatuor magnisndi-
R - pibue
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nibus prima éandem babere comparasio-
nem maioris ad facundam minorep, qui
babet tertia adquartaminifi fecunda ¢
quarta pari numero multiplicats fimi-
liter e habeant ad maiores,quo ad exsif- -
[rm & defedum. Sienim exépligratia
¢um fecunda B ter repetita non excedat
primam A, quartatamen D ter accepta
Juperet tertid C, mani- : '
feftii exit Dnonefeita *} 3 5 2

. 3 .0y A B c ‘D
minss ipfo C,ficut B ipl N
Jo Asaut quod idé ei1,Cniéeffeitamaine
ipfo Dsficus eft Aipfo B,atq. adeo qua-
tuor illas magnitudines, non effe in eadé
rasione.1i vero perindo eft coferre mino-
ves magnitudines Bes D,ad maiores fiu-
gulas Ay C, atq.sdeafili A Cpari
numero mulsiplicatas, Ninéceffeeff quo-’
q. fimiles parses eodémodo fe habere quo
adexcefsii & defelti ad fun 1ot aguali-
ter multiplicata.Si enim c# B fexies siip-
28,n0 excedat A bis repetith,D 1amé fe-,
Ries Aeceptii, fupares Cbis repetitii;ma='
Bifefii etid indeeric B nd effe talé part€
ipfi’ A, qualis off gipﬁ’ C, fen qued idé
ofts CnditacffemainsipfoD ficur et A4
3pfo B. 1dipsi vero el ,quoR Exclides do-’
cet;indet enimaiores magnitndines Aty G
dqualisermuliiplicari fenprimatriertic
Jumi'equammliiplices,mulsiplicari‘esid -
: I : AquR-"

PR
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aqualiter minores, fen partesB & D, &
Ji sépereadé mode [e babris in excefis on
defein ad 1013 A & C cqualster mulsi-
plicata,rel colligit A,effe imeararione
ad B,inguacht Cad D, d1q hac Enclidis
definitio quibufcung magnirndinibss in
ead? rations pofitis copetit  fenperfo &
Jolitarie mccipiatnr, fen figuris illigata.
Que vero magnitudinesex spfacuiilliga:
ts funt y cifiguratione candéproportioné
ﬁniim:l é)r:lu" & piani’, ficdefiniétur.
Inead€ ratione {funt ma-

gnitudines p?tima ad fecun- '4
d3,& tertia ad quartd,quan- E
do'qua mulciplicatione augetur prima fu-
- prafecundi,eddem quoq; augetur tertia
fupraquantd. Exemplicauffatriangnla
inteveafdem parallelns poficaputn A ¢
B, & eorssm bafesC ¢ D, funt ineadé
ratione; quin fi prima magnitudo A dus
plo ant triplo maior fit aut fiat quam fe
cunda Btertiaetiam C,duplo ant sriplo
maior evit , qud quarta D, vt conftat ex
prop-28 1. Ef ergowt A ad B,ita C 4d D.
6. Magoitudines qua in eadé ratione
funt proportionales voc&tur.Pxta ff fue«
rit vt prima ad fecundam ita sertin ad
grartiquatuor ille magnitudines dicé~
twr proportionales. Et quidé fi fusrit vt
rrima ad fecunda,ita fec8An 4l tersii &
p - tora
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tertia ad guart& magnisudinesille eriis.
Cb6tinué proportionaics, quis proportio
wullibi dnseriumpitur , vs viderecff in .
magnitudinibus 16. 8, 4,2, nam vt 16,
#d8,i1a8,4d 4,6 4,ad 2. Quod fi n¥fip
ot prime ad fecundi ita fecunda ad ter-
tid fed tantiive prima ad fecundam,ita
tertin adquartd, vs fitin magnitudini-
bws 4.2.6.3.magnitudines illa proportioe
nalesquidem . nontamen continué propora
tionaleserunt o quia propertionss curfus
interrumpisurinter fecupdan O tertid.
7. Quando vero falta antecedentiii &
confequentid multiplicatione, multiplex
prima excefferitmultiplic feciidg,mul
tiplex autem tertiz non exceflerit mulgi-
plicé quartg,tiic prima ad fccundam ma-
ioré habet ration€, qui tertia ad quart3,
Vi quiain magnitudinites 4, B, C, D,

Jumptoduplo anteceditinm, ¢ quadrus
plo confequentifi, multiplex ipfiss. A fu~.
porat multiplicem fecunida B, cum tami,
S 12, 8. 14. 16,
6 2. 7. 4,
A. B. C..D. .
multiplex tertia Cn3 fuperer multiplicé -
sarse D ; ideo ingud,maiorErationerms
’ubn A ad B,qui Cad D. Breuiter,ibi
mmaior off ratio vbi maior eft inagqualisss:

35bi ausé maior cit inagualisas vbi i}{-

-

'



‘18 LIBER U.

ferentia terminorum aut pluries citinet
cofequentem,ant eil cius pars masar. Vt
differentia terminorum A ¢ B eiF 4,
Auplum feiliser cifequentis » ; differétia
oere inter C & D, eit 3.minor coféquen-

te D;maiorsrge imequalitas eft,maiordg

ratioipfius A ad B quamipfiss Cad D.

8. Analogia feu Proportio cft Rationt
fimilitudo. Pusa fimilisnudo que eft inter
Auas vatiores triplas,anut quadruplas die
citur Proportios & Analogia Sape tamé
apud audlores Proporsio aliud non et
quam fimplex ratic,inxta Aef.3.

9. Proportio in tribus minimd termi-
nis ciififtit: Cenim fit fimilitndo duarii

‘Yationum ¢r vnaquaque fit inter duos

terminns?umor terminos requiret Fro-

portiosnifs terminus vnws bis repetatur:

vt cidico ficwt 8 ad 4 ita4ad 2. Et tile

" tres sermini ad proportionem fufficients,

1o. Cumni tres magnitudines propor-
tionales fuerint,prima ad tertiam dupli-.
catam rationem habere dicitur eius, qui.
habetad fecundam.Ve quiiproportiona=
los funt 8, 4,2, prima8 adsertiam 2 di=
citur duplicatam habere vationems eiss
quam habet ad fecandam 4. -
1r. Quando vero quatuor fuerint pro-
portionales magnitudines , prima ad
quart3 triplicatam habet rationem & ita:

. \ dein-
.
.

. \.
P

\
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deinceps vno amplius, quamdiu propor-
tio extiterit. A ' ‘
12. -Homologz dicuntur magnitudines

- antecéd&tes antecedétibus,& confequen-

" tes confequétibus . Ve in quatmor propor--
sionalibus cum dico. Vi 6,ad 3,ita 4, ad
2,prima @ tertia, quia ambe funt ane
Sacedentes, dicunturinter fe homologe ;
Jicut & fecundmbomologa e cum quars
e85 quia amba funt coxnfequenses.

13, Alterna-fen permutaca ratio eft
quando ex quatuor proportionalibus.
antecedens cum antecedente feu prima
cum tertia , & confequens cum confe«

1

\.quente, hoc ¢ft fecunda cum quarta <o+

atur.

< SDuin enins eft .9 3

6 2

Ve AadBitaCadD

Erit permse 9 6 3 Y
2ando - Vet "Aad Cita BadD,

. edintellige i intey pri-
. \m:%"é uniam{ o inzer
T 3 -

Jecunham G quarsam , po-
teft effe proporsie , Vnde etiamfi fis vt

- svianguinm Aad triangulum B,itaba<

[i3 C akbafims D;non tamen licet permsu=
rare vt Aad C,Crc. quiaintey triangse
Ium & lineam non poteft effe propertio.
Ds permusaia 1atione _agirur infra
i4. Cong

A

¢
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' 14. Conucrfaratio eft cum confequés
" inftar antecedentis fumitur, & ad anteces
* dens velut ad confequens comparacur.
De qua vide prop.4.in corollario,
’ 9 3 6 2
Ouiaenim et Nt Aad BitaCad D

Erss conuertendo.3 9 2 6

VeBad AitaDadC.

15. Compofitio rationis eft cum an-
tecedens fimul cum conlequente inftar
vnius fumitur,& ad confequens compa
ratur. De gus videprop.i8. .
Nam quia e« $» 3 6 1.
- VtAadBiraC ad D
Erit céponendo.12 3 2 3
ViABadBitaCDad D.

16. Diuifio rationis cft com §ifferentia
terminorum foco antecedentis fumitur,
& ad confequens comparatut « De qus
ke prop.17. -

. Vet inexemplo fapisic propofito intey
priores teymines, quifunt 9.0 3,diffen
réntia e E 6. inter pofleviores autem,

! guifunt 6 & 2, differentinefS F 4.
.Qn'aiiurgo efl. 9 3. 6 2
‘ VitAadBitaCadD
Eritdinidends, 6 3 4 -2
"~ ViEadBitaFad D.
: 17.Con-
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3. .Conuerfio rationis eft cam ante«
cedens ad differentiam terminorum ,
velut ad confequens comparatur.Ds g#4

vide prop.18, -
Nam quia efl.- -9 3 £ 2
VtA BiaC D

© Eritconserflo- 9 6

T 6 4
pe rationk. ViAad EiaC ad F.
18. Proportio ¢x zquo eft cum fuerint

. plures magnitudines, & aliz ipfis nume-
fo zquales quz bing & binx in‘cadem
tatione fomantur, fueritque ve inj)riori- :
bus prima ad vltimam:ita etiam’in po-
fterioribus. Vel eft fumptio extremarum:
per fubtra&tionem mediarum . Vs 5 fint
plures magnitudines A,B,CyCr alicte~

- 8idem D,E,F bine (5 bina ineadem ya=
tioneshoc f vt Aad BitaDadE > ve
Bad C,ithEad F, eritex aquo, vt in

priovibus A ad vivimam C, itaciiamin
pofterioribus prima D,ad F.
T 126 3 18 42
ABCIDEF
Ergeex «que. Ve 12ad 3itagad 3.
19 Ordinata proportio eft cum fuerit '
.vt antecedens ad confequentem, ita ante-
cedens ad confequentem, fuericeciam ve

. confequens ad aliam quampiam,ira cone

fequens ad aliam quampiam. ,
: Coa Dy
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Dapliciser indtisui poteft proportis
ex aqus : vno medo quando tam in pri-
vibus quam in pofierioribus comparirny
primacum fecunda, > fecunds com ter-
tia; ¢ bec eff ordinata proportie,quas his
definitwr,-Cr de quaagitur prop. 20, ¢
12, cinsdy exemplum pofitum eft def. 18,

Altero modo fit proportio ex equo , cum

ardo perturbatur in poldsrioribus, vi ape
" parebit definisione fequenti.

20. Perturbata propostio eft,cum tria
bus exiftentibus magnitu Jinibus & toti-
dem alijs, fuerit vtin prioribus antecedés
ad confequentem, ita etiam in pofteriori-
bus: vtautem in prieribus-confequens ad
aliam quampiam, ita in pofterioribusa~
lia quzpiam ad antecedentem. )

- V& fi fis quemadmodum iv priovibus -

AadB, itainpeferioribus EadF , vt
wero fnprioribus B confeguens ad aliam
quampiam C s itain pofieripribus alin

y8spiam D.adantecedentem E, erit hat”

w#rturbata proportio. de qua agitnr pro =
po21.0r 23, _—
. 18 12 4127 9 6
, - ABCIDEF

- Ergoex squo. Vt 18 ad 4itaz7ad 6

", Lubet ad.cxzremumn breui fchemate
ponere fub oculos omues hafce propor=
tignum formas ‘quas animo firmicer
: com=~

B e S—
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camprehendific plurimum  tyronibus
PIdeﬁt . - | ’

.@uig e Ve 9 ad 3 ita 6 ad

2

‘Erit Permutandy 9 é y 3
Conuertende 3~ - 9 2 6
Compenends 12 3 8 2
Diuidendo 6 3 + 3
Couerfionsrationts 9 6 ¢ 4
Ex equo ordin. Ex aque pertsirb..
12.6.3. | 8. 4.2, 18.12.4. | 27.9.6
'ABC»DEE‘\KBC DEF
12ad3 8adz | J18adg 27adé

" Neque vere difficile eft -aduertere ex

ipfis numeric in omnibus hifceordinibus

" quatuor maguitudineseffe proporsionse
les , fen minores quantitases effe fimiles
maiorum paries : Nam in permatatafi
cur 6 eft pars fubfequi alteva ipfins o,
itay ipfins 3.Senquodidem eft, ficur 6
femelconsineturind ¢ fuperfunt 3 pars
dimidiaipfius 65 ita 2 femelcentinctuy,
in 3. C fuperef 1.pays dimidia ipfisu 2+
Ydem inreliquis ordinibsus deprebendes.

| Pro-
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- Propofittones.-

Propofitio 1. Theore.
Si' fuerins q}ntmgzq(u magnitudines

quorcungue magnitudinuns nwme-
— Yo aqualium gquemmbiiplices fin=
grlefingularam ; quam wltiples
&5t vna vnivis ; tam multiplices ¢=
rUnt omens omninma o
A H Oceft, Zquemili- E 10 § F
T plicium magnitudi- .
num qui multiplices {unt /><\
fingulx ﬁn%ularium, tam 6 3 4 2

multiplices funtomnesom- A B C D
nium.Vr quia zquemultiplices funt A ad

A e

B.Cad D;fi A & C colliganturinE, fi. .

militerque B & D colliganturin F.quam
multiplex erat A ipfius B, tam multiplex
crit E ipfius F. /
Non enim maiora aut minora fune
tota quam fug omnes partes : non potelt
proinde totum E pluricsvel pauciare pu-
mero continere totum F, quam A & C
B ) Pu.
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gms omnes totius E continerent B &
paries omncs totius F. - ’

iPiOpoﬁtib 2. Theore.

Siprimafecunda fuerit ita multiplese

.. weRersid quarta , fucrit aytem ¢
guinsa maliplex fecunde vt fexin
qwarte 5 eris compafitacx prima
& q‘uima fecunde, st multiplex,
VL tertia & fextaprimg, |

S ItprimaAitamule G 1sH 30 - °
tiplex fecundz B, .
ficug tertia C quartz ¢
D: quinta vero E ita 63429 ¢
‘multiplex {ecundz B, ABCDE F-
vt fexta F quanz D. ‘
Dico compofitam ex prima A & quinta
E hoceft G, ita muliiplicem fore fecun- )
d¢ B, ficut compofita ex tertia & fexta .
.hoceft H,multiplex eft quartz D..

Nam quis B & D fecunda & quarta,
continentur pari numero in fingulis (uis
multiplicibus, contjncbunturquoques s t -
pari numero in multiplicibas colledis,
boceltinG, & H, - )

Pro-
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Propefitios.- Theore,
Siprima ]émm{.; itaeff multiplex ut

| sertiaquarty, & prima actertié
 fumanmsuy gquemnltiplices 5 eris

multiplex prima tams multiplex
", fecunde, quam multiplex ¢ff mula

" siplex tertia ad quartans o

V 'l:quii A co'ntinct B, ficut Cipfam .

D; fi famantur E & P zquemuld-
plices ipfarum A & C, B continebitur to-
ties in E,quotics DinF.

Nam fumere multipla
iplarum A & C noncft a-
Jiud quam fumere plurcs A
& C; SicutergoB & D

"E 8 F 12,
4263
ABCD

. gqualiter continebantur in fingulis A &
“C , continebuntur ctiam 4 gqualiter in
ijfden pari pumero multiplicatis in E

© de
RS » VS

Py V. N
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" Propofitio4. Theore, )
Si prima adfecundi cams proportie-
8é habueriv qua tertia ad quarta;

" habebuns quoque candem vationem.
. ;qmmult/:lices prime ¢ tertia ad

)

#quemulsiplices feckde & quarte
juxtagnammis multiplicatsonem,fi
Jumantur vi inser fe refpondents .

g 7 T{ Ahabucriteam

rationemad fecunda. }s:g g H
B,quam haber tertiaCad 129

p - 4263
quartiD; umptis EXG 4 3 ¢ D
zquemalciplicibus iptard R
A& C,item§ue F & H ijfdem velalijs
zquemultiplicibus iplarum B & D : erit

_E multiplex ipfius A, ad F mulniplicem

ipfius B, ficut G multiplex tertiz C, ad

- ' H multipltcem.quacte D . Nam,vz ex-~

plicuimus ad def. §. in ratione-maioris
& minoris, fine in proportione; perinde
¢ft conferrefingulas B& D, ad fingulag
A & C, atque B & D zqualiter multi-
plicacas, ad A & C pea incer fe ou-
snero maliplicatas. Si exgo fingulz A &

ne
)
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-Eipfius A, ve Fipfius C; ac-
" ceptzfue funt ipfarum E F

.go multiplex eft K -ipfius A’
ficu & Lipfius C . Eadem deq

-fius B,ve N'ipfius D. Etquia

-'168 LIBER V.

ne fe babent , czdem A & C zqualiter
multiplicatz in E& G, erunt etiam in
eadem ratione ad B & D zqualiter mnul-

tiplicatas in F & H.
Ongiore. circuitu idem

ma A ad (ccupdam B ficue

' I {
fic concluditur : Sit pri- x\ \

tectia Cad quartam D Sum-
ptis deinde E & F, ipfarum 3

-A & C zquemultiplicibus & I
G & H aquemultiplicibus

ipfarum B & D . Dico foxe‘
ctiam E multiplicem [primz
A , ad G multiplicem fecun-

ti¢ C,ad H multiplicem quar-
tz D, Accipiantur enim K,
L ipfarum FF,& M, Nipfla-
rumG , H zquemultplices. g
Tic quia zquemultiplex cft

zquemaultiplices K L, itaer-

caufa jta multiplex eft Mip-

eftve Aad Bita Cad D, ac-

. -ceptzque funt ipfarum A C, |
zquc:}nultiylices K, Lsip- K

|

dz B, vteft F maltiplex ter- l

1.

|
!

BGC

!

Smg——

|
|

L]

Pr—
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LIBER V. 369

i'am_m vero B, D alizquacunque M, N :

Lam N & fi xquaalis, zqualis ; & fimi~

nor, minor funt§ue K, LipfarumE, F .

gquemultiplices, M vgré & N ipfarum

G.H.EfterpovtEadGitaFad H. Si ¢ def. 5.

£1go prima ad {ecundam, &¢.

‘Ruac inguam forma demonfirandi
per affumptas equemnisiplices in fequé-
2ibss quoque propefissonibus poteft ad-
Jiberi,inquibns ego viarcompendio. N&
definitione guinsa rite percepta o facile
affequemuy sarum propofitionum wveri-
satem abfgue longs illo ambitu aque-
muliiplicinm . \éuml femel monuifs fis
fasss i '

: Corqllaﬁum .

~Demonfivavem igitur hoc loco per a-
guemnltiplices, Proporticmem conseram
zelte proceders , mifi ex termnis nimiés
guam sffes manifeiia. Nam fi A efl ita
mains ipfo B ficut Cipfo D 4 nimium eft
ewidens Bitaminwa fore if/’o A, ficur D

ind dicit ratis

conuerfa, dequa def. 14. Dyodfi 4 &
C [uwsp:a ¢ffent aqualin ant minora ip-
fis B > D; effer nihilomﬂm aque u’sd:‘:
- . - . y0=

* ergo (i K bfiiperat M, fuperabit & Lip- ;‘,d;f,‘

-~
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‘ proportio Conuerfa;quodidess etiam pyo-
fequentinm prepoficions exemplis intel=
digaturain quibus doco aprecedentis fole-
o ponere sd guod maiws eft, S inxta
ilud exemplum propofitionem declara-
res. 0 T

| I’,r&poﬁ‘ti'o 5. ATh'coré.v

5i magnitudo magnitndirii; 118 sl
tiplex fuerit vr ablataablare jrels.
ua religua ira multiplex erir , us
2014 totink. )

V T quia Aita .mul_t'\-‘ E 4F s
¥ plexeftipfius B,ficsrt € 8 D ¢
ablata C,ablawg D eritre- Ax2 B 6 -
fidva E,refiduz Fitamul. _
tiplex, vt tota A totius B, fi enim cum A
fir duplum ipfius B, & paxsablata C,
duplafimiliter partis ablatz D,noun eflet.
relidua E duplex refidug F,non contine=
rentur, omuncs partes totius B, .in omni=
buys partibus rotius A, ficuttotum in tos
‘to ; quod paret cﬂ'cimpotﬁbxlc.’Erit crgo
refidua reftdu ita multiplex, ¥ctotatoy
tius . .

- _ "Pl'Op
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Propofitios. Theore. .

- . 4
Si due magnitudines duaram magnia  ,

" tudindm aquemultiplices fuersnt,

- @ ablasg quadam carsndem a-
guemmultiplices, erunt religag iffde
welgquales vel sguemnlriplices.

V’I‘ quia G2 H;IG 8 Hiy

du¢ma. ExoF1g]E 4 F6
gnitudinesA, Ar2Bi13} A rz B18’
B,duacumC, C2Dy ;C 2D 3
D, siit zque- coe
muldiplices,fi anferantur ex A, B quzuis
&quemuliplices carundem C,D,puta E
& F; refiduz G & H cruntijldem C &
D aut zquales,aut zquemultiplices. Ca
enim C & D intous A & B, & incorum
aliquibus pactibus E & F zqualiter ¢«
tineantur; zqualiter quoque 4 cominc:‘ .5
bunrurin reliquis G & H+ Quare reli-
quz G & Hautij{dem C,D, {unt zquas
Ics,aut xquemulciplices. ,

H2 Pro-

-
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HAaDad LM

Propofitio 7. Theore.

Py, 1 qu;alu ad cdnv_iem hugnitdiuem’ o
o cadem adﬁt‘qm_d'u' eandem e

bens rationems, i

7T f A& B fint zquales 5
' ¥ ‘magnitudines, - qug erit
satio voius, puta jpfius A, ad
€ ; cadem érit altériug B adeandem C;

Jeemquam rationem habet C,ad A ; ean-. ..
demhabet ad B wqualem ipfi A; quod -
manifctumeft exterminis,& ex ratione -

conuer(a . /
Propofitio 8. Theore.

Iiequalinm magnitudinum maior

© adeandem, maiorem habet rationg
guamminor . Et eadem ad mino-
-¥em , maiorem habet rationcis

. guam ad maiorems magnitidie '>

Bems o

q .- -'.‘. _vt

ABC

.
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Y Tl ¢ an
’ ABC

" habet maioremad €, quam .
- habear' B minor ad candems C. Infuper

maiorem rationem haber A ad minorem

“maguitudinem C, quam ad maiorem B,

Viraque pars patet ex terminis, & cx
def. 7. & 5. . . .

Propofitio 9 Thcor‘c.

N

- Ouz adeandem babent rationems, 4~

‘quales funt magnitndines. Items ad

- quas vna aligna candem babet ra.
“* gionem,illefunt gquales,
X Tquia'vh & Beandemha--, .
Vb:lxtrationcm ad C, funt ‘:\ gé
toter {e equales. Item quia ma-
gnitudo C eandem habet rationem ad A
% B, necefle cftipfas A & B.inter fe 2~

vales effe e ¢onmertens prop.7. & por
}; exidens . _

-~

" H3  Pro-
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B I5ARKLIL BB
Propofitio 10. Theore.

Magritudinum babentiym rationk
ad candcm, que maiorem babet ¢a
maior eft .Cum vero cadem ad dnas
babetrationem, ea ad guans masor
et ratio,est minor, -

VTﬁAmaiorcm 642 J 62 4
habet rationem ABCIDEF
ad C, quam B ad can- -

dem C, A maiorcritquam B. Itemfi D
habet maiorem rationem ad Equam ad
F{E minor cft quam F . Eff consuersens

- prop 8. & per fe manifefia.

Propofitio 11. Theote.

Qg cidem cadem funt vatioves, &
inter fefunt eddene .

T Tfirationes 4 2]4 2] 4 2
) }pfamm AB, ABIEFICD
& ipfasum C, D . o
fint exzdem vni tereiz,iplagam EF,crunt
ctiam cxdem intex fe,

Pro-

3

3
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TR Oh AR T BB

Propofitio 12. Theore.

Si quotcanque maguitndines propota
tionales fuerine, erit vt vna ante-
cedentium ad vnam copfequentis,
ita omnes antecedentes ad omnes,
confequcntes.

T ietA adB E 1o Fyg' -

/ ficav C ad D, enit . .
- E, hoc cforhnes fi- .\

mul antecedentes, ad-"4 2 6 3

"Fomnes fimflconfe- A B cD

quentes, ficuf Aad'B * S

vel Cad D. Cumenimtota E & Ffint
diuifain totidem partes . E (cilicerin A
& C, Fresoin B& D, qua fingulz 2d
fingulaseandem habeat rationem; ‘non
potelt 1lla ratio effe alia quam-quna roto-

* rum interle ; alias omacs partes, omnis

bus partibus aliter effent maiores & mi.~
nores,quain tota ipfa: quod fieri non po-
teft, cum rota aliud von fint quam omnes

fos pastes.
. Ha4 Pro-

N
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DL LEDALIBAIS
‘Propofitio r3.-Theore.

Si prima ad fecundam eam babueris
TALIGHEN, qRAM ICT 1A AA qHATIA 5
Sersia uero adguarsam msiorens

 babear, quam qiwima ad fextam ;.
mAiOY quoque cTit TAti0 prime ad

Jecxndam ., quamquiniaad fex-
o,

Oceft. Fa- '
wndé don. 33[E B2 E
. rum proportiond \ =
& vna maiorclt quam aliqua tertia, eeiant’
aktera maior ¢rit : vifi funt dugrationes
exdeminter A B & -C D, fivgurem ma-
ior rario jnter C,D,quam inter’E, F; eric
. quoque maiér ratiointer A, B,quam jn-
ser EE; quod ex terminisnosum eff. |

L

Id

Pro-
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Propofitio 14. Theore.

Si prima ad fecundam eam habuerst
rationem quam tertia ad guarta,
St antems prima magnitudo ma«
for guam sertia , fecunda quogwe

" maaior erit guam quarta; fi minor,
minor ; fi equalis,aqualis.

T fifuerirAad B ficve
'CadD, & Amaiorfit . 4 3 &5
quam C, maior quoque erie -
Bquam D . Com enim B & D totorum
A & C ponantar effe partes fimiles, i B
fit pars maioris A,D veyo miinoris C,nee
- geflario B major erit quamy D . Quod i
totum A.toti C, aut xquale cfleraut mi-
nus,talis etiam foree pars B, refpectu pase
tis D, ve Gatis confige, a
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TRRRXEDRR RS, - €
Propofitiors. Theore, .

Partes cum paviter mulsiplicibua,
candem rationens babent, fi fuma-
_tur vs fibireSpondmt. ,

-J Ocelt.Partes parinu. 12 4 6’3
"&Lmero contentginfuis A B CD
totis, candemicruantinter BN
fe rationemac toraipfa. Vemagnitudi-
nes B & D quz funt éodem numero in,
totis A & C, eandem inter fe habene'ra-

- tionem quam tota A& C.Namfitotad ™

Jrefoluantur in omnes partes fimiles ipfis
“BY% D, tunc quz erir ratio cuiuflibetad
quamlibet , eadem erit ratiq omnium ad.
omnes, feu totius ad totum; vt per fe notid

«ft, & cx prop 4. :

Proﬁ'0ﬁéiq 16. Theore. .

Si quatwor magnitudines proportias

\ nales fuerint , etiam permmiata
propor:iom[g ermt,

- v
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TfieRAadB,ficut EF G H -

.Cad.D, eritetiam 189§ -

permutandoviAad Cjita 83 4 1
Bad D, quzcft-alteruva AB C D

" few permutata ratio de- .
quadef. 13. Nam cum magnitudines B,
& D fint fimiles partes, & parimodo ac.
pumeeo contentx in totis A & € ( lioc
enim cft effe incadem 4 ratione )~ necefle & def, 3
elt verora inter feiza fc habeant ficueille
partes inter fe; cum totorum maguitudo, -
& proportio,ex partium magnitudine &
toportione conlurgat. :
* Aliter: Sumptis E,F,iplarum A,B, &
G,H ipfarum C,D,quibufcunque zque.
multiplicibus;erunt mulviplices E, F,G,
H, ineadem ratione cum fubmaultiplici..

" .bus'a A,B,C,D. Quare E,F,G,Hetune ,

proportionales, ac proinde fi E maior, 6-‘d:_f. .
minor,aut pat Geipfi G, talis quoque erit

Fad H. Sed E,F,ipfarum A,B,& G.H,
tpfarum C, D, funt vicunque zquemal-
siplices.Elt ezgovtAc ad €,ita Bad D, ¢ def gy
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2e20000 FELGILROGEIS

Propofitio 17. Theore.

Si ‘compofite magmtudme: proper=

tionales fuerint, & d;mﬁg. propor=

mmalu erupts

S Intcompofitx mag- . 8 . 4
nitudines AB, CBy " e —1—
DE, FE, proportiona- A C B
les, hocc&. viABad 6 .,3
CB,ita DE., ad FE; ____' _
Dico fore etiam dini- D F E
dendo, vi A Cad CB,

ia D F)ad FE. Quia enimtora A B,

- D E,fimiliter continenc parics C B, F E

fi chcm illz partes ¢ fuis fingulz rotis_
auferantur , fimiliter rorfus in refiduis .

A C,D F, continebuntur. Atqueita pro-

, bata e . Proportio pes dxmﬁoncmdc»

qua defas:
ProPoﬁuo 18, Thcorc.

St dinifz magmmdme: proportiona-
“bes faersnt , & compofire proper-,
 dionales CTHIL: o

Nam



. LIBER .. 18:
N Am inprecedentc cxemplo, quia
partes A C, D F fimiliter conti-

nent tpfas CB,F E fibz illisadiunga-
tur,tota AB,DE rux(us fimiliter con~
.~ tincbunt fuas partes C B, F E. Arqueita.

probata ¢ff proportio per comyoﬁno—
nemy, de qua def.s5.

Ly

" Ex his iam demonjiun poteft pro-‘
portioex conierlione rationis : Nam in -
; codem exemplo,aft
' Ve ABad CBita DE 2d FE.

Et divid. Ve ACad CBitaDFad FE.
* “Ecconue. VeCBadACita FE ad DF.
. . Ergo ¢dp. VtAB ad ACitaDE ad-DF.
Que pofirema efi, conuerfio vationis
inxta deﬁmcuum 16. .
-Hac tamen proportio ctiam pet fc
p:oban pouﬁ Nam

' .Q;“"/?. Vi A ad B ita C ad D.
v - Erat connerfio- 12 8§

®e rasievis, Vt A ad E ita C ad i"-

Cum enim in hac properiiope inxta

ch 16. ansecedens ad differensiam ser.

minoFume comparetur, fi d:ffeventia tor-

;. minorum addantur ﬂmfcgumﬂhm asn.

‘$0c8~

Corollarium,. © *
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tecedentia cum.confequentibus exequa.
buntur; deindeverof & comfequentibgg
ftacxeqisaris anferanti® fimiles partes
B & D, neceffeest ut refidua, fis drffen
ventie terminorumygus funtE & Fy fo-.
militer contineamtur intoiis A €9 C3
guod dicit proporsio ex conusrfione va~ .
sionds . ' B

/Proppﬁtio 19. Theore. =~ =

Si fuerit ve totz ad tétam. itaablata
ad ablatam, & reliqua wd religna

‘erisvs tosaadtotans . -’ t,

Thablae C& D E 4 F =

fint inter feineasa. € 8 D 4
tione,qua tote A & B,eriict  A12 B 6
etiam refidug E & F, vt to-

tz A & B . Cum enim ablata C ita ma=~-

iorficablardD, vt tota A, t6t3B; GE

refidua non cfetcodem modo maior re=

fidua F, aliter eflent maiores omnes par~
tes omnibas partibus,quarm totum toto 3
quodficrinon poteft,

: r

i
]
/
|
{

!
i
|
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Propofitio 20. Theore.

. Sifuerint tres magnitadines; & alie
, totidém, birie ¢ bina in cadem ra-
» tione, ex &que antem primamaior
- fuerit quam tevvia; evis & quaria

maior quam fexta, O ficqnalis,ae

qualts ; fi minor,minor,

H £ propofitio facillime intelliges
tur ex ijs qua dicemus ad prop-2z.
quz haic valdeeft affinis;ex pracedentis
bus tamen propofitiouibus fic ctiam de
monftrabitur .- )
Sinctees magni- 12 9 68 ¢ 4
tudines A,8,C,& ABCIDEF
totidem aliz D, E, i
F, binx & binz in eadem racione, hoc eft
. vtAddB, itaDadE & vtBadCitaE
» * ad F. Dicofi A maior, minor,auc par fit
ipfi C , talém etiam fore Dhrcfpedty ip-
us F. Sit primum A maior quam C:
Quiacrgo A maior eftquam C, & da-
taraliaquedam B, habebit A ag} B, ma~
iorem 4 tationem quam C,ad cidem "

?

-



b 13
€ 11,

184 _LIBER 7T,
Eftautem ex pofitis .

v:AadB,ﬁcPDadr l‘; ;g i') 5 £
E&vtBadCitaE /DEF
ad F:ergo conuertendo, cft viCad B iea
Fad E; quare D 2d E nvaiorem_4 habes
rarionem quam Fad E; maiorergoefte
D quam F. Similiter procedet demon~,
ftratio fi A ipfi C aut &qualis penarur,”
aut miner. St ezgo fucrint tres magnitu.
dines, &c. : : R

Neque tantdm 1r963] 8642

veea elt propofi- 23| OO FH'

tio i tetnx ma-

guitudines fumantur, fed ctiamf quater. -
ternx & quetis alio numese ;-{emper e+ |

uim fi prima tn priosibus minor, maier,
aur xqualis cft vitima, ita eriam esit tn
polteriozibus. ¥t fi ternis maguitudini-
s A,B,C,& D,EF, addantur 6 & H,
fitque Cad G, ficut Fad H wmincomiffis
B & Eerumt AC G,& D,F,H,ternx &

tcrnz maghnitudines & de his procedes -

demonftratio prius fatta,

oy
\
!
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‘Propofitio 21. Theore.

Si fuerint tres magnitudines, & alie

- totidem, bina ¢4 bing in cadem fed

perturbata ratione,ex aquo autem

| prima maior fuerst quans sertia,ce

©Tit €LiRm GUATIA MRIOT quams [exce

ta: fiminor,miner; fi aqualis,ke
quabs .. : w7

XZc propo- 18 ,; 4 2'7

- fiioplanius* " B ¢lpD EF
intelligeturex 23. SR
# qua parum differe. .

Aliter: Sint tres magpitodines &, B,
£, & rotidemali D, E, F, bing.& binz
41 cadem;fod perturbara ratione; hoc cff
vtAad B, ficEadF & vtBad C, ficD
ad E. Dico, fi'A maior fit, minor, aut
aqualisipfi C, talem guonue fore D re-
fpectuiplins F . Sitprima A maior, ipfa
€. Cumigiwr A (it maior quam C, &
dettiralia quedam B, habebica AadB «t,
maierem rationem quam € ad eandem
B; (ed ex pofitis vt A ad B,itaeft Ead F,
& viBad CitaD ad E,esgo conucrtcdn-
- e

-
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‘doytCad'B,ita 18 12 4,]279 6
Ead D:quarcr E A B C|[D.EF
ad F maiorem ha-

bet rationem’, quambEad D. Minbe
eft ccrgo F quam D .Sinilicer oftendetur
i A muor fit, aut xqualisipi-C,ralem
?uqquc fore D refpectuipfius K. Si ergo

ucrint tres magnitudines, &c. ]

‘I’tépdﬁtfd 22. Theore.

“8i fuerint quotcwmgue magnitudines 5
& alietotidems bina & bina 1w ca~
dem ratione fumantur, erunt quo-

| gmeéx aquoincadem vatione, «

¢ ~

S lntqnoicunquc 1296[8 6 4

magnitudinesA, A BCIDE ¥
B.C, & aliz totidems

', D,E F.in cadem ratione; hoc eftvrAad

B, itaDadE, &vt BadC,iaEadF.

. Dico cx xquali fore -llas in cadem ra-

tione: hoc eft fore Aad C,ficur Dad F.
Nam quia tota A & D fimiliter conti-
nent magnitudines B & E, & partes € &
F fimiliter continentur in.iphis B & E,

pecefle cft ve ezdem partes C & F fimi-

lirer continedtur insotss A & D . Asgqus
. Lo . He

e e r——— Y —
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ita grobata manet . Propertio cx xquo
ordinata de qua def. 39. Manifefinitem
bing fr veritas prop.2o. wiibi pollicisi

Aliter: Quia oftenfum z eft f A fupe- 4 20}
rat C, D quoque fuperare ¥, & fi minus,

‘minus, &c. ita quoque & erit inzque- b def. 5.

multiplicibus : hoc autem eft quatuor
magnitudines A,C,D,F, efle proportios .
nales . : oo

_Propofitio23. Theore.

" Si fuerint tres magnitudines, & alia

_sotidems bing ¢ bine in eadems fed
perinrbata rationg, crunt ctiam ex
aquo in cadems vatione_, . .

‘T -ft foeric 1812 4.1 279 6
iuxtadefizo. AB CIDEF
& prog.u.ﬁcutA .
ad BricaEad F & ficutBad C,itaDad

E; eritex zquovetAad C, ita D ad F,

Qua enim proportione C minuitur jn-
fra B & per conféquens infra A, eadem
proportioné D augetur fiipra E ;” & per
confequens fupra F;quare Aita maiuse-
riciplo C KcutD ip?o F. o

‘ : i~

.
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Aliterscumpro. 1812 4 | 279 6
batum fit; iAfi- AB CIDEF
perat C; D quoque .
fuperare F, aut minus efle, &c. -ita quo-
_que eritin zquemiltiplicibus. Quare efk
exxquovtAad C, itaD ad F. Aigwe
bac off Proportio ex’zquo perturbata,de
guadef 2o, ! T

PmPoﬁfio,m. Theorc, )

Si prima ad fecundam fuerit vt tevtia
ad gquartam, guinta awsem adfo-
cundans cam babear rationem qua

fextaad guariam, hebebit comspo-.

" ftaex prima s guintd cams ratio~

nem ad fecandam, quam tertia &

fexta fmul adguarians . .

‘Via enim fe- 10 4 2 ‘ 63 3¢
| cunda B ¢t E'4 BICD ¥
. talis pars fin- - :
ghlarum A & E prima & quinrz, qualis
. ¢ft quara D fingularum C &. F, eric
quoque Bralis pars collectarum-A & E,
qualis eft ip(arum G & F pari numero &
meodo collcGtarums - .
- Pro-

)

|
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" Propofitio 25. Theore.
, Si quatsor i}ugnitndinu proportiea

nales fuerint, maxima cum mini- ..
w4 duabus veliguis eruns maieres,

-~

SInt.guamo: B
magnitudi- _
|, DES  proportio- - 4 .-
" pales AB.CD, Gl .
E;& F.DicoAB : :
. maximam, cum "D
. ,minima F'y ma- iz
. ores effe dua- g H

bus fimul seli- : 8 .
11 quisCD & E. 4 ¢ 1
(i Sumatur enim | .
l.A,Ga:qualisiﬁ . A . C E F .
} E,& CH iph F. Quiaergoeftve AB
-.ad CD itd E ad F, eftque A.G,ipfi E,

| & CHipfi F aqualis,critve ABad CD,
‘ ita_A/GadCH.hoceﬂv:totaABad
|
{

ptotam CD,dtaablata A G adablatam
C'H reliquaigitur G B 4 erit ad reli- # 19,
quam D H yttotaadsotam: Eﬂkau‘,t:t;

+ . -
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AB maior quam

CD,etgo maior

quoque BGqui 4

D H. Cumque g |- o

C H jpfi F - D N

qualis fit; pares *

crunt AG & F, LI»H
- ipis CH&E. - > {

lam yero quia | 4 , . i
“ipfis AG & F . ~ i

addiwrGB,ip- A € E 'F

fis veto CH &

“E additur D H minus quam G B ewune .

poftadditionem A B & F maiores,quam -
- €D &E.Si lguur quatuo:magni:udx~
nesy &c. . e

_%‘ #a fequuntur pnpof tiones now funt
Emnclidis, [¢d ex Pappe Alexandrine, ¢ -
alijs adieltas quarum certe né eff magna
neceffisns fi antecedises rite fint precepta.

Propofitio 26, Theore.

f

|

Sé primaad fecundam maiorem ha- (
nerit Tationem quam tertia ad

. - quartam, babebit conuertendo fe- -

~  c#ndaad primans minorem ratios

nm, quam quaria Adrertiants . |
. Hoc
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' H_Oceﬂiﬁﬂéﬂ,(qmm 84)s 3

i -maius refpe@u ipfivs ABI CD
B..qram-C refpetu quartz oo
D: eric B mipor pars refpectu ipfius A,

. quamD refpectuipfius C,quod ger lecft
cuidens , & comtinetur in prop. 4. -

Propofitio 27. Theore.

Si prima adfecundam maiorens rae -
"tionem habueris , quams teriia ad
guartams;habebit permutando pri-
ma ad tertiams maiorem rationg,
guam fecunda adquarsant . -

i
‘
|

Viaenim D poniter 8 4] ¢ 3
pargs maior totius” A BICD
; £, quam B totius A ; non ' ‘
, potelt pars B fupra partem D ¢ tantum
exceflum habere, quantum habet torum
I AfupratomumC. :
\ . HHancquog palam eff prep.16.citineri, -
Propofitio 28. Theore.
© Siprima adfecupdam maior habuce
- YitTAtioné, quams tertia ad quare
tams , babchit prima cum fecunda
‘maiorem rasionem ad fecnndam,
| guamsieriia & quAria Ad quaria.
. ) o ‘Nam
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lﬂAm quia\.Breft Er2 Fsg .
minorparsipfius oAy mAg

—.A,quam DfpﬁmPC;ﬁ‘ 8 4 ¢ g |

vtraq; femel addarar, A B € D

tam Bipfi A, quam Dipfi C, adhuc B - }

minor pass etit totius E , guam D 0.

tius F. 3

Continetur prop.18,

, ».Propoﬁtio 29. “T-hcoré;

Si prima & fecwnds ad fecundans
" <maiovem babeans rasionem,quam
ertia & quarte ad quartam; ha-
bebis ctinm dimsdendo prima ad

fecundam maiorem raviongms, qué

gertia adquartamo .

N Am’in exemplo fuperiore . Quia
E cft maius totum refpeéa partis
B ; quam Frefpectuipfius D, fi veraque
_parsex fuototo tollatur , A refiduumex
E, maivs erit refpectuipfius B, quam G~
aefiduum ex F, refpétu ipfins D.
Continetkr prop, 17, S

b I ?{0-
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’ .
Propofitio 30. Theore.
Si prima ¢ fecunda ad fecundams

maiorem rationem babeant quans
teriin &r quarta ad quarsam , ha~
" bebmnt per conmerfionem ravionse

- prima & fecunda ad primans msi=

norem rationens , quamscriia sy
quATSA ad teTtinm »
- K: SRR, B

N Am fi totrum E maius cft refpe&u
& W ipfius B,quam Frefpe&u ipfius D
B minor erit pars ipfius E, quam D to-
tius F,quare refiduum A maior erit pars
gotius E,quam refiduam Ceotius F.Hoc
autem idem eftac fi dicas totum E mi-
norem habere ratiopem ad primam-A,
quam totum F ad tertiam C,

Cossineturprop.19.

-1 ‘il’;o;
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OLREOTIEIIOILLP00 D,
Propofitio 31. Theore. .

Sifint tres magnitndines, & satidens
alu,babmtq, primapriorum ma-

sorem vasionem ad ecundam, qua

| prima poﬂznorum ad-fecundam
 fecunda item priorum maiorems

_ babeat adtertiam , guams in pofic-
- vioribis feoundaadertiam, ctians
ex gquo Bapbis prima priovum
- mpiorem mmnem ad tergiam ,
quam prims pa}?cmmm 4d tere
tinms ’ .

N Am G magni- 16 8 4 3
tudines 1le -A B C DE E

ﬁﬂt AB c DE F. .
pcrmutando cas propomoncs qua in
propoﬁuonc ponnsur,:

Erit maior AadD qua Bad E.
Et cadg ratiGe maior Bad E qui Cad F.

Quarc multo maior AadD qua CadF -

l:‘.rgo permut. major Aad CquaDad F.
Cmummr pro‘p.zo. o2,

v ) Pro-

+
T
.
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-quamGadC, idcoc’luxc B maios cft quil
' )
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Propofitio 32. Theore.

Sifint tres magnitndines, & totidens
alia, ;73 maior ratio prime prio=
vam ad fecundam, quam fecunde
posteriornm adrersiam : Irem fe-
owndyg priovsm ad ertiam, maior
wam. prime pofteriorum ad fecii-
m: LTSt ctiams eX ¢quo mAior The
tio prime priorum.ad tertiam,
. quam prime pofterigrum.ad ters
pamo, e
Int illz 168 4} 96469
agnign ~A B C
dines A, B.C ,
D,E,F, fitque prztereave Dad E,ita G
ad C, & vt Ead F, ita Had G, colloca-
buntiirque ternz & ternx magnitudinrs
D,E,F; H,G,C.ineadem (ed perturbata
ratione ; eritque 4 cx zquo ve Dad Fira
HadC. o
Nuncveroquiaeftvt DadE,itaG
ad C , maiorerit b ratioipfius Bad C,

56
S —

-

DEFlGH.

N~

PRI

b hyps
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G, &px 168 41"4,‘9
clegeess A BCIDEFIG H
mxor @ -

tocitpiss Aad G qramad B: eftay-
= A 2 3, maior geam Ead F, multe
erzo muoc oft A 2d G qramEad §,
Raz:fzs oz oft H 3d G, v E ad F,maior
cm;adG,quadG;quma-‘
orell ;eam H, & perc ns ma-
jorctAzdiC, mﬁ{mcm C.
Sed offen(um fuitetlevt Had C, ita D
ad F, maior cft argo ratio ipfius A ad C,

qoam ipfins D ad F : quod cft propofi-
mm.

Continetnr grop.21- & 23.

- 3 - .
. Propofitio 33, Theore.
Sitota ad totam mi:?wm'm .

babucris , quam ablara ad ablars,
babebis & religuna ad reliquams
maiorems Yatsoncms guans toia M :
S0LANLs o

THh totumAadeo- E 31 F 3
tum B maiozemha- C 4 [ D3
beat racionem | quamab- A12} B 6

lawm C, adablatum D ;

mas
[
V4
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maiorem habebit refidoum E ad refidui
F,quam totum A,ad totum B, Nam/fi.
cut totum A elt maius toto B, ita omnes
fimul partes, omnibus partibus .  Quia

* eigo pars C minus fuperat partem D,

quam totum A totum B refiduapars E
debet magis fuperate refidvam F, quam
totum A totum B, vtexceflu maiore ip-
fius E compenfante defectum ipfius C,-

partes C & E ita fint maiores partibus D

& F.ficuttotum A maiusefttoto B.
Continetur prop. 18.

Propofitio 34. &TQeorc;'

e -
Si fint quotcungugmagnitndines, & .

alia totsdems 5 firque maior ratio
prime priovum ad primam poffe=
riorums, quam fecunda adfecunda,
& hac maior quam scriia ad tere
tiam ,-& fic deinceps : habebunt

:
3
‘.
:
,
kY

)

omnes imnul priores , ad omunes fie

mul pofferiores, maiovem ratione,
quam omnes prioves relicla prima
ad pofteriores omnes prima fimilia
ter reliCla ; minorem antem qunam
v I3 prie.

.'4". ’

h’ -
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prima priorum ad primams pofies
YiOYHms 5 maiorem- tamen grans
vitima priorum advitimans po-
- ﬁeriomm.a.

S Int quorcun- 12 8 416 § 3
-7 quemagnitu- A B CJDE F
dincs ABC, &
gliz totidemm D EF, ita fe habentes ve
proponitur .
Quizergo maioreft Aad Dqui B ad E.
Enit permuta. maior A ad RquaD ad E.
E¢cSponen maior ABadBquiDEad E.
Et permut. maior AB ad DEqud Bad E.
Quiacergo aior eft tota A B ad to-
tam D E-, quim-ablata Badablatam E,
maior crit 4 reliqu2fA ad reliquam D,
quamtota A B adtotdnDE. -
kadé ratione maior erit B adg quitotaBC
ad totam E F-
Multo ergo maior cft A ad'D qui B Cad EF.
Er permuta.maior A ad BC quam D ad EF,
Etcépo. maior ABC ad BC qué DEF a1 EF.
Et permu.maior ABC ad DEF quia BCad LF.
quod arat primo l6co propofitum. Nunc
vero quia maioreft tora AB C, adtotd
D E F,quamablata B C ad ablatam EF,
erit & maior reliqua A ad reliquam D,
quamtota AB C 4 ad totam DEF;
quod exat {ecundum,

De.
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Deniq; quiamaior ek B ad F. quiCad F.
Eric permuta. maior B ad C qua Ead F.
Etcomipo.maior BCad C qui EFad F.
Etpermuc.maior BCad EFquiCad F.
Oftenfa cft autem maior ABC ad DEF
quam B Cad EF .
Multo ergo maioreft ABC ad DEF
quam C ad F.
Qnod eratrertio laco propofitum.
" Eadem methodo procedetur fi quater-
-~ nxproponantur magnitudines, autaliz
plures quocunque numero.

-

s
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EVCLIDIS -
Eleméntorum

LIBER VI,
@eﬁmttom:.

SR Imles figura reilinex
o fi vz fingulos an-
A s fingulis zquales
Eabcnt , <& latera circa
3 zqualcs angulos proe

\

portionalia .

T triangsla 4B C A D

DE F,emntfvmlu.f A
fingulos angulos [ingubis L2 Lo~
babeant pares, hoe eil f an~
galus A, angulo D,anguli vero B ¢ Cs
angulic.E,(> F fint aguales;itein fi bate=
vacirca aquales angulos fnr proporsio-
ualu:,bouﬂ/‘ftw ABad AC, its
D E4d DF hacenimlatera funt circa .
aquac .
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aqualesangulos A & D, vt AB 4d
BC: itaDE; ad EF; ac denigue vs,
AC ad CB,itaDF sd FE.

2 Reciprocz figura funt cum in vtra-
que figura antecedentes & confequentes
termini rationum fuerint. -

Oceft fighrarveciproe A g
. €4 [untcum in vna
Sigurareperitur antecedss £ p—p
Unius proporiionss, cuins
confequenseftin fecunds; & cum ¢ con-
sra antecedens alterisus fimilis proportios
nis eft in fecunda figura,cuius confequés
effinprima;vt triangula ABCDEF;
srunt veciproca, fi fuerit vt A B ad D F;
ita DE, ad AC, tuncenim antecedens
primaproportionisreperitur in iriangnlo
prime A B C.(r in altero eft eonfequens,
at fecunds proportionss antecedens eft in
Secundo triangulo,confequens in primo.
3 Extremaac medja ratione reGta linea
feéta effe dicetur, cum eft vt totaad ma-

* jus fegmentum, ita maius fegmentum ad

minus.
C Icreda A Byerit feiain C, BY
extréma ac media vations, i~ ¢
fueris vt tota A B ad mains feg-  p
mentum A C,ita A C mains,ad
i entum. ’
C B minns fegmen 4 Al-

REE ’
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4 Altitudo cuiusque figore ef? linea -
perpendicularis a vertice ad bafim de-
ducta.

-

T trianguli A4BC AR

: altitudo et A D, 3
dulla perpendicnlaritey & Oi%
wertice ad bafim B C. I1¢ » b

srianguli E F G, altitudo eft E H,extrs
sriangulum cadens in bafim F Goprodu-
&amin 4.,
§ Ratio ex rationibus componi dici-
tur, cum rationum quantitates inter fe
multiplicata aliquam rationem effece-
sine. o .
Duantitates vationum non funt alisa
quam numerid quibs deoininatarpro=
Pporsio : fir 3. o5 quantitas proporiionis
triple. 2. duple,torc. Ratio¥rgo ex ratio-
Bibus componitur , cum demominasores
proporsionum inter f¢ multiplicati ali<
quam proportionem efficiunt; vi ex ra-
vione dvpla ¢ tripla componitur fexins
pla;nam denominator duple qui eff 1.0
denominator triple qui eff 3. inter f8
multiplicati faciunt 6. denomvinatoresb -
proportients [extupla compofita. '

Pro« :
4
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Propofitiones.
Propofitio 1. Theore.

Triangwla & parallelagrdm};m, qua-
. rums eadem fit altitndo , habem fe
| ot bafes.

Slnt triangula ABC, F_AEL
A CD, habentiacandé
altitudinem g AC,item g~ ¢ def, 4.

Earallclogramma FCCE, ‘
abentia eandem altitudinem A C.Dico

illainter {c habere proportionem quam

habentbafes BC, & CD. Cumenim

triangula fint conftru®a intra paralle.

las BD, EF, (ficut poffunt conftitui

interparallelas quzcunque alia triangu.

la eiu{dem altitudinis (fi bafes CB, & :

C D, fint gquales ; erunt & triangula & § 33, %;

{uperillis bafibus zqualia Qﬁ)d fi bafis

C B, maior efler, avrminorbafi CD,

effer quoque trizngulum A B C; maius

aut minus_triangolo A C D ; & fic

-

quoque erit fumptis xquemultiplici- —
bus tam bafium quam triangulorum;
9

»nam
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nam peginde eft conferre fingula ad fin.
gula, atque pariter multiplicataad pari~
ter multiplicara ; quemadmodum deff-
nit. 5. lib. 5. explicatum eft. Sunt ergo -
triangula A B C, A C D, inter fc vt ba«
v fes CB, & CD. -
Tam vero fi triangula fint vt bafes, etid -
b 4.1, parallclogramma:b nam hzc funt dupla

triangulorum, partes autem xquemuleis’
¢ 15,50 Plicium ¢ in cadem funt ratione arque

1pla zquemultiplicia. S
Propofitioz. Theore,

St in h"iangula ducainr reéta Itmﬁ

parallela; j&mbit proportionalitetr

s veligua cinfdems trianguli-latera. _

Et fitrianguli laterafecld fint pro-
porsionalsser reéla per felliomes
dnilatersio lasers evit paralielas,

l N triangulo AB C, ducatur A
DE,ipfi B C, parallela; quo p
faco dico latera A B,A Cfleta é’?
efle proportionaliter ; hoc eft,

eflevt AD,ad D B;ita AE,ad EC.Du-

» 371, Qisenimre®is B E, CD, 4 crunttrian-

gola BE D,D CE, incifdem paralielis * -
’ ‘ o xqua- ;o

'S

[N
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zqualis , b & habcbunt proinde eandem & 7. 5i

quam proportionem habet triangulum
ADE ad DEB, eandem habet bafis
AD, ad DB ( cum triangula fintin ca-
dem altitudine;quam oftenderee perpen
dicularis quz ex E duci poteftad A B, )-
& quam proportionem habet idem tria-
ulum AD E,adipfum €D E,candem

Eabct bafis A E,ad bafim EC; Cumer-
go; ofteofom fic ambo triangula D B E,

E C,.candem haber. ;ationem ad ipsil
A,D F; bales quoque 8 D,E C,eandem
hablc::bxnt ptoportionem ad latera D A
s . !

Jam vero filatera A B, A C, propor- -
tionaliter feQ@aTint » cum fic ob candem
akiitudinemve AD ad D B, ita triangu-
lumA DE dad ipjumDEB; & vty
AEadECiaADEadipmEDC;
ficut ineadem ratione ponitur cfle latera

‘AD, DB, &%AE; EC; cruntctiam
.triangulaD BE, D E C in eadem ratio=

nc ad triangulum ADE; Erunt ergo

. rationem ad triangalum ADE. ¢ Sed ¢ 1,

L -

‘e riangla DB E,D E C intér fe zqua- ¢ 9,57
lia : cumue habeant eandem bafim -

D E, erunt f conflituta inter parallelas: £ 39,10

-parallele ergo funt BC & DE. Sier-

go intriangulo,&¢.

Pto-,

!
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RIS I LKL T BB
Propofitio 3. 'f;rl" heore.

Si triangwli ahguhu Jecetur bifarid,

o retla angulum fecans feces &
bafim , babebunt bafis partes candé
rationem quam reliqua sriangwli
latera.. Etfi partes bafeoscandens
habeant vationem guam reliqua
inter felatera, reblaa vertice ad
" felltionem bafeos ducla’ triangwili
angulum ficabit bifagiam -

Riangoli AB C .angulus A B
B A'C, bifecetut per re-
&am A D ; dico effe vt BD | B DG
adD C,itaBA,ad AC: per :
C,enim ducatur CE ipfi AD patalle-
Ja, cui B A produ@ta occurrat in E.
Quiaergo intriangulo BEC,re®aD A

ipti CE, it parallcla, erit ficut B D,aad:

DC, ita BA,ad AE(fcuad AC,qua

ipfi AE xqualiscft; Si ergo trianguli
angulus, &c. efleautemre@am A C-z- -

qualemipfi A E, {ic oftendo. Quia re@a
o . AC

4
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A C, gquareanguli quos
“mirum A E C, A CE funt xquales : fed
“hos oftendenmps vt prius effe zquales

, ~-LIBER Ul 207
A C tangit parallelas A D,E C,angulié b 29.1.
alterni CA D,A CE funtzquales,c & ¢ 39 I
quiare¢ta A E, tangit caldem parallelas,
angulus exterrz- B A D interno & op-
ofito AL ... xqualis: funt ergoans’
uliA E C,A C E,zquales; cum oftenfi
%nt 2quales avgulis xqualibus BAD,
& DAC; quare lawera AC, AE,ddéx
fune gqualia. - o .
Iam verofietve B D ad DC, ita
BA,ad AC,eductiveprius CE,paral- ¢ 3.6
leldipf AD, critve BD;ad D C, ita
BA ad AE; fxqualesergofunt AE & 9. s
ﬁxbtcudnm ni- & 5+ 1

angulis BAD,D A C; funtergoanguli
B AD,D A C, pares inter fe ; ac proinde
angulus B A C fe@us eft bifariam. Si-
ergo wrianguli angulus,&c. -

Propofitio 4. Theore.

vEqniangulorum trianguleram la=
tera circa gquales angulos funs
proportionalia, & latera aquali=

- bus angulis fubrenfa funt homolo-
g :

Triane

~ -

1]
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’Riangu};a ABC, “" /
DEF fint zquian- X ]y 2
§ula,ita vtanguli Aq& D, é"ﬁ-% !
& E,C & F,finguli fin- :

" gulis g¢qdales fint . Si igitur lateribus
DE, DF circaangulum D, fumantur
circa 2qualem angulum A zqualia late-
ra A G,A H,ducaturQue H G,triangula
AGH, DEF eruntiuxta 4. 1. & reftz

s 33,1. HG, B C, aparallelz,cum angulusin«
ternus C, ¢qualis fit ipfi F hoc eft angu-
bz loexterno H G A . Eiirergo b vt ABad
AHfeuadDE . itaACad AG feuad DF,
Erit,inqui,Vt'ABad D Eita ACad DF,
¢ 16,5, Etcpermut VeABad AC 1ta DEad DF,
%}od cft latera circa xquales angu-
los efle proportionalia ~Bodem modo i
fumantur BK,BL ipfis ED,EF zqua.
Jiacrunt eriangula B K L,D BEF,iuxta 4.
1. & K L,A C, parallele, & cadem me-
thodo oftendecur latera circa aquales |
angulos B & E proportionalia; ficutetiz
circa gquales angulos C & F, fi ad angi-
lom C fieret fimiliter triangulum xqua-
le ipi EFD . Sunt autem in his prog
portionibus latera homologa quz equat
Libus angulis fubtenduntur, nam AE &
D E, quz funtfub 2qualibusangulis C
& F, ambo funtantecedentia ; & aliafi- |
mxlxtc;.ﬁgulmgulorum igwor, &c.
Pto; C
\ [

. 1

- —
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Propofitio s. Theore.

Siduo triangsla latera propertiona-
lia habserint, ermnt aguiangsla;
cosque angulos babebunt aquales,

quibus homologa latera [ubtene
duntwur.

ESt conuertens prece- D A
dengis. Vi fi triangula 5§°
A BC,D EF, habentlatera TG
propostionalia hgc eft, fi fic

vtc ABad AC,1ta DEad DF, &e¢.
ericetiam angulus A angulo D, zqua-
— lis,&c. vevult propofitio.Conflituantur
enim ad re€tam BC anguli G5 C,
GCB, ipfisE, & F, zquales ; avtpro- 43,1,
inde etiam angulus G, angulo D, fizz-
qualis, vndelequetureriangulaBG C,
D EF efle zquiangula, 4 & corum latera b 4
proportionalia. Tuncveto quia DE &
D F habent eandem proportionem ad
AB & A C,quamad GB & GC,cne- ¢ 9.4
cefleceft ABipfiGB, & AC, ipfiGC
xqualé effe,cumq. B C fit cGmunis,tora
trian-
L
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48,1, rriangulad ABC,BGC . p A
<

funt ¢qualia, & zquales an- Y
guli ‘'omnes . Cum ergo 5469
ABC, & D E F cidem '

tertio BG C, fint zquiangula, “inter fe .

quoque crunc zquiangula ; funtveroilli
#quales anguli quibus haimologa latera
fubtenduntur : nam anguli A & G xqua-
les funt, quibus commune B C fubten-
fum eft, &c. S1¢rgo duo triangula, &c.

Propoﬁtio é. ’I'hcorc.

Si duo triangula vwum. habeant e
“gualem angulum, & laseracirca
ewms propurtionalid; erunt aqmian-

© gula, angulosq, babebmnt aquales

quibus equalia latera fubtendun-

Y. .
] N triangofis ABC,DEF, A D
fizqualcs fint anguli A & Are!
D, fitque vi ABad A C, ¥CG
ita DE ad DF, crunt & reli- :
. quianguli zquales,&c. conffitvdnture-
nim ad re®am E F,anguli EFG;GEF,
axquales-ipfis B, & C,vt propefitione fii-
pertori . Quia ergo zquizngula font

BC,

71‘.'
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ABCGEF,serunt ABAC, & GF,
G E, proportionala-fed funt ctiam pro-
portionalia A B,A C.& D E.D F,# funt
ergo fatera DE; D F,ipfis G F.GE =-
qualia. Cumque ¢ bafis EF fir commu.
nis,totatriangula D EF,EFG zqualia
& gquiangulafunt. Quia ergotriangula
ABC,DEF,vniteruo EFG funt 2~

quiangula , inter fe quoque erunt zqui-
angula, &c. ‘

Propalitio 7. Theore.

'y
b1t 8.,

¢ i

Si due triangula veum dgnlam ba

gualem, e lasevd circa alterosan.
gwlos habeir proporsionalia,virii,
vero angilorum religuorum ans
- minorem rello; aut non minorem;
equiangulacrant triangwla, & an-
gwlos circa quos latera funs proe
porsionalia, habehune equales.

Oc eft; fiduotrian- D
gula ABC,DEF .\g .
babeant voum angulum, c%

puta, A ipfi D zqualem,cir-
ca alteros vero puta B, & E., latera
fint proportionalia, ac denique fi tet-
tij anguli C & F, finc vterque minor,

-aut
R
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act vrerque non minor recto ™
erunt;hec triangula zquian- G
gula. Sint primany tertijan- c%
guli C & F vierque minor

recto : quod fi tunc negas angulos
A B C,DE F circa quos laterafunt pro-
portionalia,efle xquales, fit maior ABC
in quo conftitnatur AB G, ipfi DE¥

" xqualis, cumue in triaaﬁulis ABG,
u

D EF. duo anguli D & E, duobus A, &
A G B, fint xquales, atertius F, tertio
A B G erit zqualis, ac proinde tota trii-
gtlaxquianiula, bEftergovi DE, ad
DF,vel vt- AB,ad -BC, ( nam cx hy-
pothefieadem eff inger vtraque ratio)
tsa'A B ad BG; ellete epgo ficut A B,
ad B C, ita A B,ad BG}, #quarcreétze
B C,BG,eflent xquales &% colequenter

-pares erunc anguli BCG,BG C; &
- cum B CG pofitus fic minor iedto, eriz

B G Cmaioreritreto: fiergo BGC,
eft minor re@to, angulus'B G A maior

f 131, feritre€to, quem tamen oftendimus ¢-

qualem effe angulo.F; hoc eft,minorem
re¢to , cum angulus F pofitus fic re¢to
minor : idem ergo angulus BG A effec
maior & minor recto,quod eft abfurdd.
Nonpofluntergoanguli ABC, B EF,
eflc inzquales,quare & tertius F, tertio

- ACB

- .

. et
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A C B cqualis ctit, & triangula ABC,

D EF¥, zquiangula.

~ Quod fitertij anguli C & F, ponane
tur vrerque non minor recto,negeturta-
men angulos E & A B C , cffe zquiles
rurfus probabiturretas BC, BG, &

~ - sngulos BGC,B CG, cffegquales; &

eum pofitam fit hunc non effe minorem -
re@to, necilleeffer minorre@o g quod'g 17, 3
eft abfurdum nam in trianguloBG C,
eflent duo anguli reti, aur retis maios

£es. Si duo ergo triangula,&c.

Propofitio8. Theore.

8i in triangulo vellangnlo ab angle
recloin bafim duitafit perpmdérn-
datis ,3qua ad perpendicularem -
Juns teiangnla, tum roti sriangule,
pvmsinter [ funt fimiliaos .

1 Ntriangulo A BC fitan- A
gulus BAC re@us,&ex  /
_Aad bafim B C dvcatur gHh¢
perpendicularis A D. Quia
ergo in uriangulis ABC, ADC, an.
uli B.AC, AD C redti funt, & angu- N
us C commaunis , & tertivs ABC - & 53, %
s tio
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tio D A € crit zqualis; ac A
- proinde triangula ABC, /

ba AD C fuat 2quiangula, b o

& latera circa zquales an-
. ulos habent proportionalia, ideogue

¢ defi, ﬁmx: fimilia. Nonaliter oftendetur trizs
gulum A D B effe criam fimile toti
triangulo A B C , ac proinde funt etiam
fimilia inter fe trianguia ABD,AD C..

; . Corollarium..

Ex boc manifefium eff perpendicula.
ab angulo veits ad bafim ductam ; effe

mediat proportionalem inter duo bafis’

Jegmenta: pam per 4. offendetur effe vs
CD,ad D A,ita DA ad D B, quod eft
vetam D A effe mediam proportionalé
inserpartesbafs CD,D B+

Propofitio 9. Proble.’
- oA datareilalineaimperasam pare
tem auferre, o

E X re@a A B auferends
£it pars tertia. Ducatur
ergo cx A rea A C,faciens

asguld cum A B vtcunquc; AF B

°
p 23 -

v »
e e N ——— e s e PO,y e
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{  samex A C fumatur quzuis- pars puta
AD,acduzalig addantur 2zquales D E,
E C,iungaturque C B ; cui parallela fiat
- D.F. Eritque ablata A F, parstertia ip-
" fius A B. Nam quiain triangulo ABC
~du@a et D F, ipfi B C parallela, serit « 3,
ficurAD ad D€, ucaAF adFB, b&bus. s
componendoficat ACad ADira AB
ad AF;eft autem A D pars tertia ipfius
-A C, ergo AE eft etiam pars tertia ip-
fius AB . A dacacrgo reéta, &c.

Propofitio ro. Proble.

Datam reSlamin fellam fimiliter fe-
cAre, vtfellafucritdataalierg ~
* ft&"—a. ¥
D Atare®a A B fe@afitin cE
C & D oportearque re-
,&am‘A_ch‘]ux apglicc:ur d LT3
A vt cirecta A'B angulum
_ vreunque conflituat)in fimiles partes fe-
care.Ian®ire @4 BE ducidtur CE,DG, -
ipfi B E parallelg & faétum et quod pe-
t gjtar.Naquia intrianngulo A B Edudla
\ fuut CF, D G,lateri B%’. arallelz, sfe- o s,
- Qiones laterii AB, AE funt proportio-
nales « CSponendo ergo ad dinidendo ve
- fupra, oftcndctur omn€ cam proportio-
~h ' 7 mem,

-



.
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nem,qux cltinger partes ipfius A B, ean.
dem quoque tfle 1nter partes linez A E.
Dagam ergo re@tam,&c.

Propofitio 11. Prablé,.

Datis duabus rellis tertiam propera

tionalems inmemsre_, o

Atz rettz A B,A C an- B
gulum quemuis confti- Zﬂ
tuant, puta B A C, iungatur- £
que re@a -C B Mox produ-
is laceribus A B,A C.fumatur jpfi A C
zqualis B D,docaturfue DE ipi BC

- wparallela; ericque recta G-E tercia pro-

portionalis quzfita. Nam quia B C ipfi -
DE cftparallela,sericve AB ad BD,
ita ACad CE; eft aurem B D ipfi
A C zqualis; 6 Eftergo vi AB'ad AC,
ita ACad CE; quod cft re@am CE

eflc textiam proportionalem. <

- Propofitio 12, Proble,

Tribus datss rellic quarsam propors’
‘ tionalems inwewirg,, .
T 07 Due .
{
C ‘




!
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V¢ qualibet ex datis, B

prta A B & BC,in - ‘P
direum callocentur, tertia AEGC-
vero AD,cum ipfa AGan - 5T
gulum vecunque conftitnar, iun&tique
reti BB , agatnr ipfiparallela CE;

.eritque re&ta D E quarta propogrionalis

quzfita. Nam quia ipfi CE paallela’elt
DB, scritviABad BC,ita AD, "ad

D E! Tribusergodatis'A'B,'B'C: A'D,

ibuenta'cft quarta proporrionalis D B.*
Propofitio 13. Rroble.

Diatis duabva rettis midiaps igpoth
tionalem inuenire,, u;. .-
' RTINS
Atxret2 AB; BC LB
in dire&tum collocé fj"— .
war , & fupex AC confti: TR G
tuatur femicirculys ADC: T U e
nam ad puo@um B excjtata peependie
cularis vique ad fe@ionem fomicircdlrin
D ; erit media proportionalis quzfitas
Duéisenim reétis A D, D C, dstitane 4 41,4,
Eulus‘ A DC, refus, &-dvertice D,a

bafim A C du&ta perpendictlarisD:B. & p &0 &

Qurare intex pagtes bafeos A G , media

iopaliset D B.: L
?foymtxona 18 c BK | Pron
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BB THaikXe b h8
Propofitio 14. Theore.

"o Equalinns € vnum vui anguinm

agnalem babmtium/pnrqlklagi-

., mEeTMmTeciproca fumt lateracirca

» 234 1,

aquales angules: Es qnorum latera,

‘.¢irca ynum angulums equalem.
[uus reciproca, :apxra/lrlégraugq
w4 funt agndtica,

Int AE,E C,parallclo. . r .-

‘grathima e qualia;habin- -

tia angylos-ad-E zque---* b4 P
les, atqueiea collocentur, vt :
laws B E,lateri D E idcear Yo direttam,
ac proinde ctiam G £, ipli EF : nam
qbiaangulué FE B cumiplo FED va-
let & duos reCtos; & anguli BED,BEG:

* &quales poountur, angulus F E B, cum

B EG valept duos ecétos ideoque GEF
eft vnica tedai Dicosigiturcieve DE

- ad BE;itaG E.ad EF. Perfetoenim

$ 7.5,

paraliclogrammo B F, cum paraliclo«
gramma AE, EC, fintxqualia,ficuc § |

‘¥num corum, puta A E fc habccad'B Fy

ita alterum EC adidem BFiedvt A K
- RS ad
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‘gula funt dimidium pa-
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ad FB,itacltlatus DE, ad BE, & vt
E<Csad FB,italatus GE ad EF,ergo-
etvt DEadBE, ita¢e GEad EF. ¢ 11&
Qzﬁod erat demonftrandum. - .-

conuetfo autem fi ponamur latera -

- circa zquales angulos ad E cfie recipro-

ca, oftendetur parallclogramma efic -

qualia , namficftve D E ad BE d-ita ¢ ¢,
GE ad EF; eritctiamvi DEad BE,
itaAEad FB;item ve GE ad E Fita
ECad FB,equarccltctiamvi AEad ¢g. ¢
¥ B,ita E C adidem F B. Pasallelogrd-
maigitur AE, E C, funt zqualias

\

PtOP”Oﬁ't_iQ 15 Theore. ™ -
wEqualium & vnsm vnsangulym

= aqualens babentiums triangulorins

© veciprocafunt lasera . Et guorim
lasera circa eqmales angulos funt o

 reciprocaeatriagnlafune equalia.

Pltetkrbpoﬁtiocxprgc ®.®a
-cedente ; nam triane .zsv

~N

rallelogrammorum™, quz -
fub duobus lateribus triangulorum
gquales angulos continentibus. de-

: Ka feri-

.
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foribi poffune; q'uz ergoelt L g "
raio parallelogrimorum &  unA
<t laterum, eadodh ¥k triangulo-- BEA
rumsve fi fint telangila zqui- - - ca
liw A:BC;8: P B, qnibus e qaales fint an-
guli adB;ponatur B E'ipfi A B, in dire-
&tam ; & ex ¢onfequent D B ipfi B C,
perfigiaditirque parallelogranitha B G,
B.F i Tunc véro per precéd. erunt fatera
- civczadgulod=d B; reciproca, qua cadé
A 2 fomclabera etiatigulortm. Eadend nretho--
da :demdaflrzbitur pofterior pars prb--
© pofitiowisy; < . T e

Propuficio 16, Theorei

Si quatuordines.proportienales fus=

- 7int, evit quodfub extyemis congi-

. petwr reﬂanguldmcqndui quod
. fubmedys . Esfirellanguinm fub
i esiremuigquale. et ci-guod fub
medijs, quatnor illg lince ﬁmt ffo;

porwsonales, R 3

s ~ .

< : RPURERTL AT B | { -
S Int quatuorlinee A'B,” "y o
CD CF,AE, ropor- E._-.'
gionh!cé}@:;“iza’t"gﬁlogén; - “Q
t_’u;vcﬂE,‘AB"f&CF,« Coo e
- . C D »



- "LIBER PI, 221
C D,reftos angulos A & C, contitieapt,
ifnlglﬂuumuc pa.nuclogrf.\mma BE

E{-quy dico eflezquafia: dam fa.
terd circa xquales angulosiAl& C, tedi-

" prarantus-cx hypethefi Suin acrgapa-

rallcloaramma zqualia ; quorum BE
fub cxtrcmlq‘l‘nqs, D’E fub mcdnys con-
imetur -, |

Ewnucxrgﬁ{ubu ﬁfdcm Ides conﬁl- s >

,tqanrpr-paralqug:am o8 angaids; A.&:C

&xidlengibugisoctis, pafuc paralieldgram-
ma fipt equalia;, 4 erurfe Jateracirca’dn - « 14,
gulos A & C; reciproca , hoc cft erive
AB ad CD,.ira CF, ad. A Ey filergo
qua:uothn:a;,&c.. 2 it olumuadt

T, ')v't . 183

Propoﬁn;)"x'y Thcofé ;

Sitres velle proportionales , fuerint,
" quod fub extremis continetpy re-
claugulum | gquale eff quadrnta
.guod g medm de[anb o ELf
qudramm P medm ﬁrlpmm,

" vectangilo fub ex¥remis ¢§i aquale,
. Proportionales funt eves illétinea.

K 3 Sint
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> Int treslineg AB-CD, E R
B E proporrionales; id [ D
. eftyvtABad CD, jra ’cb

-€D ad BE, flatque fub
- extremis A B;B E re@angulom AE. &

d media D C quadtatum C F.Quiaergo

vt ABadCD, itaCD, velilli 22« _

qualis D F,ad B E; erunt quatuor reQz
‘AB CD.DF BE proporuenales ;are-

. &dogulom ergo C F quod fub medijs

'C D,D F,continetur (heeeft quadratum

CF) zqualceR ipfi A E,quod contine-
" eur {ub cxtsemis A B,BE. T

E.conuerfo fi quadratum mediz C D

reangulo fub exeremis zquale pona- .

tur, oftenderurtres illas lineas effe pro-

portionales ; “ve in prop.préce . Sicege

wes refie, &,

Prdpoﬁtit; 18, Probh:.T |

_ 7&({6:‘ J;m r(&;, dato reﬂilihen fimi-

¢-s fimiliterg, pofitum defcribe-
T T o

Sit



~
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It data rc®a AB,da- p x oN

tum reliveum CD , Em

i quo ducatur re@a Fes
EF. Deinde dd puncta A A
& B re&z A B canllituanturanguli A

& ABH xquales iphs CX CFE; 84038, 35

enie proinde reliquus AH B, reliquo
C-E F xqualis,& triangulatora A H B,

C E F zquiangula,b & latcra proportio. b ¢

nalia ;. Amphysad punéta H & B redte
H B contftituantur HB G, B HG, ipfs
EFD, E ED xqualcs, & proinde refi-
quus G reliquo D erit zqualis, & triao-
gula, veprus, xquiangula, lateraque

ptepurtionalia. Etfalum eft quod peti- -

tur. Nam cum triangula partialia rectili«

neotum A G, & CD oftenfa fintomui- .

bus angulis ¢qualia , & omnibus lateri-
- bus proportionaliaTfunt ez figurx fimi-

les, & fimiliter pofitz . Quod iredtili-
neuin dagum plures angulos quam qua.

© tuor contineres , plurics cflet repeténda
#3jualium angulorum conftiv@io, plu.
sibus quam duobus triangulis conititu.
sis » & demonfiratio procedet vt prius.
Super data ergo seQa, Sv- :

k 4 ”PfO-,
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IXHR KR D@ RS
Propofitio.1g. Theore.

- Similia _iria}t‘gxia funt in duplicara

satione fuorum laterum bomologoa
fﬂm—' > ) C |

C1Int ABE,DEFtran.- 'D
“Jgula fimilia ; habentia ’
- wres angylos , fingulos

fingdlis axquales & latera FECOB

# defiro.
s.
b a1,

‘circa os proportionalia : ita veanguli B

E & alijalijs fine zgualcs.'Di‘c_o triangl-

lum A BC ad D EF; duplicaram 4 ha*

Bberk eam iationem, qu et inter quauis
latetahomologaputa B C, E F. Suma-
tur enim ipfartm B C,E F, b tertia pro-
‘portionalis BG vrfitficut BC ad EF,
1a EF ad B G; ducaturque A G. Sumt

€rgo ex poﬁtis.

A ViABadBC,itaDEadEF,
Permut. Vi ABadD E,ita B Cad EF.
-Sed 'Vt B Cad EF,ita EF cad BG;
Triangulorum igitur A BG, DEF
latera circa gqualesangulos B & Efunt
reciproca , 4 ac proinde triangula illa
funt #qualia. Etquiseftve BCadEF,
ita EFad B G,habet’B C ad BG duplia
-




y
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catam cAm rationem quam haberad E.¥
Veyero B Cad BG; itaeft mangulum

ABcad trlangulum e:ABG hoceft ¢ 1

ad D E'¥ ¥ quare. A B C. thm ad 'trian-
gulum D EF,quamad ABG duplica-
tam habgteam proportionem: qug cft in-
ter latera homologa, B C & E E Sum-
JAia crgo mangulz &c

‘

Cotollarmm .

“Et Im patet fi res lines propertiona-
des fuerint , efe vt primam ad sertiam
bmzlﬁﬂ?‘w!m fiper prim a4 J:ﬂn}ztum

ile Binsilsiérg, fq]??um fuper fecun-
rNdﬂloﬂmﬁJm it efft vt B.C ad
JBIG iratiramgislim 48 C fuptrprilml
3B C,ad wlungulm DEF fnislefm;- -
’tﬂ!rﬁfﬂﬁfﬂﬂlﬁlfmﬁﬂlﬂdn EF.

’j{g;}ppf no 20, Theoré. |

Snmlm polj sona in f mzlm trmnguﬂa
J” disidnnthr, nngﬁerd gqualia & to=

Y Iaomnlaxa. tpolygona dupl:caa
o- [t intsr. ¢ cans habert rasionem,
7‘ - Quuﬂ :imr lasera hoinalagﬁ(.—v

bl

Ki - Smt
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Int polygona Simi- ¢ »
Sinfa§coE, ¥ C\ﬁsﬂ
FGHKL, finnfuean- S5 250
wliEA B,L FG xqua:
esangulus vero G angulo B & fic.ordie
ncdeinceps : finguli iingulis fint xqua-
les, fine denique latera circa zquales an-
gulos proportionalia,vt EA ad AB ica
LFad FG, &c. -ideoque latera A B,
F G, &c- erum homolaga., i
Dico primo, hge polygona du&is re-
&is AD,A C,FK,F H, dividiintrian~
Fu’ la fimilia. Nam quia angulus B 2qua-
liseftangulo G, & latera circa hos an-
gulos proportienalia,s cquiangula crunt
uiangulaABC,FGH &ﬁmx‘%ia:cadm
ratione oitédetur triangula DAEK FL
_effe fimilia ob gquales angulos E& L, &
latera circa cos proportionalia-Niic vero -
bquiaeftve ACad CB,in FHad - HG
{ ob fimilia triangula A€ BF H G )&
vt C-Bad GD,ita HG ad HK ob finfi-
lia polygona ; collocabuntur tervz &
_terne magnitudinesin cadém ratione. .
AC y CB, C:D, l '17 H,G H,H Ko .~

¢ 22, g, EtgOex c2quovet A Cad CD itaFHad HK

46 xquales.d Quarciniigula AD C,FKH

Etquoniam angulus B CD,ipi GHK
it .wqualisi, & ablams A C B , ablato
FH Gy erunt reliqui A GD, F H K etid

crung

EERN
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erunt zqoiangula & fimilia, ¢um circa
“zquales apgulos A C D, F HK habrane
-hatera proportionalia.Omnia esgo trian-

Fu 1a oftenta funt inter fe finguta fingulis -
f

milia . _ _
Dico f{ecundo effe totis homologa,
hoc elt ficut voum ¢riangulum adtrian-

gulum £ibi relpondens alserius polyge. -

“niira effe polygona corainter fe. Quia e-
*nim fimilia func triangula ABC, PG H,
# crunt in duplicata ratione larerum ho
mologorum AC, FH; & ob candem
cauflam triangula A C D,E H K, furtin
duplicata ranone corundem laterum
AC, FH. Quare vetriangulum ABC
‘ad FG H,ita A CD ad FH K, fimiliter-
Jue oftendetos triangula AED, FLK
cfle in cadem duplicata ratione laterum
corundem A C, FH: funt ergo trian-
gulapolygonorum proporrionalia -Cum

vero quotcunque magnitudines £ quot- £ 92,50

cunqoe magnitudinum funt proportio-
nales, ficuteft voa ad vnamita omnes ad
.omnes . E&t ergo polygonum ad po-
Iygonum ficut triangulum ad triangu-
Jum. '
.Dico tertio , polygona effe in dupli-
cara ratione laterum homologorum A B,

F G . Nam quia triangula funeg indu- g v 5.
plicata ratione laterum , & polygona
. p < K6 ant

~
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fune vi triangula cruat ctiam polygora
- ~\ . - . < ey

_in duplicata laterum’rationc . Similia

ergo pelygona, &e.

Corollarium . -

 Eadem methodo probabituromnts fi-
guras rediliness effc in duplisasaryasios
‘e laserum homologorum . .

R

Propofitioat. Theore.

 Owacidem redtiliveo funt fimilia, &
¥ cinserfe funt fmilias,

I enim- figurz ABC, AK q-

2) G H Keidems D E F A
e _ finrfimiles; quia anguli E¥,

A & G funrvoi D xqua-
les, crunt & nter fe ¢quales; & itapro-
babitur omnes angulos, omnibus angu-
& 115, Jis efle zquales ;. & laterd 4 circa cos effe
proportionalia, fi lateribuscin{dem ter-
.ti) fint proportionalia , ac propterca

. ABC, G H K eflcfiguras fimiles. °

Pro-



»
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EEEEOEDEDEDEEE B

LPrépoﬁiio 22. Theore.

Si guatuor refle proportionales fuea
rintyreclilinea fmilia & fimiliser
. abijs defcripta erunt proportiona-

bia.E1 fi a vectis lineis fimilia fimin

literg, deferiptarellilinea propor-
. tionalia fuerint, ipfe 'rellg linte
proportionales ermnt .

rectx A, B,: B. g
C, D pro- Coemr
portionales;di- D
co deferiptisfi- :
milibus reilineis puta triangulis foper
A & B, & fimilibus feu tridgulis feu alijs

~ E e

. redtilineis fuper C & D, hxc. rc&ilin;a
_ fore proportionalia. Sumatur enim ipfa-

rum A & B rtertia s proportionalis E, &
ipfatum C & D, tertia proportionalis F;
eritque ex xquovt AbadE, itaCad
F. Vt autem A ad E, it eft retili-

neufn ¢ fuper A ad redlilineum fuper B 5

& vt Cad F; itactiam reilineum fuper
. ad

s 3%,
b a3 s,

€ 2%,
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61,

< % def. fita ¢ ex rationibus incer A B,B H, & in-
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C ad re@iliveum fuper D . Ergd vt re-
&ilineum foper A ad reGtilincum Giper
B.ita rectilineum fuper C ad se®ilineum
fuper D . Ert fic probatum eft sectilinea
eflc proporcionalia. .

E conuerfo autem fi re@ilirea fine

prc;yortionalia , & fimilia fimiliter§ae

-pofita, ctiam latéra ecrunt proporiionalia,

. nam gectlinea duplicatam 4 habent ra-

“tionem, illameandem , quaz cltinterla:
-

tera.

Propofitio 23. Theore.

qunmngula paralielogramma inter -

ferationem habent ex laserum ra-
< tionibws compofitam .

S Inc parallelo3rima AB, 4p w

2 B C, habentia angulos _

ad B zquales ; & itadifpofi- Sr "6
tave DB ipi BG, { &ideo

‘FBa igﬁ B E vt a'ibi diximus ) iaccat

in diteGtum , compleaturdue parallelo-
Frammum BH . Cumergo fit vt paral-
clogrammem A B § ad B H itabafis
DBadBG,&vt BHad B CitaEBad
B F,crit satio ipfius A B ad B C compo-

wr

e
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ter B H, B C; cumue hit rationescad€
. fint d cum ijs quz funt inter latera D B, 4 20,
B G, & inter Jatera E B,B F;eritquoque.
ratio ipfius A B ad B C compofita ex
rationtbus laterum corundem, quod crat
“ demonftrandum.. :

Propofitio 24. Theore.

In omni parallelogrammo, qwg civca
diametrum funt paralitlograme
ma, ¢ toti, ¢ inter [ funt fimsie

"—J [] )

I N parallelogrammo AB  au p
[circa diamecrum C D e %
- parallelogramma EF & & 3
G H, quz dicocflc & toti, & I
-inter (¢ fimilia . Nam quia parallelos
_grammum ‘G H habet angulum ad D
comiunem cunmi toto , & angulus
D HK aqualis eft sinterno.& oppofito 4 39.3
B ; erunt ctiam anguli HK G, KGD
xqualésrcliquis A & A C B totius pa-
tallelogrammi ; & codem modo often~
detur angulos omnes parallelogram-
;ni EIF » angulis totius A Blcﬂ'cp zl?ngr '
“les . lan vero quia triangula - .
TR TR A0 TR Dk



_ 232 LIBER UL }
b39.1. DKHbzquiangaladone, & 4o 5
- fimiliter trianguli D AC, f
(s DBC; cntvtDAcadAC '
ita DGad G K lateraer,
- circa zquales anoulos A G {unt pro-
portionalia. Rurfus vt A Cad CD, ica
GKad KD,&vt CD adCBuaKD
ad K H Xrgo.
R AC GP,CR L GK.KD,KH
e!zquovt AC,adCBitaGKad K H
& fic latera circa gquales angylos GKH, 1
‘A C B funt proportionalia. Nequealitér
“monftrabitur latera circa alios angulos-
-zquales.cfle propestionalia . Sunt trgo
parallclogramma EF,GH fimilia.toi |
da5 AB,ac pwmdc etiam 4 i mcet fe. i

C.l-‘x;

?ropof tio 25. Probk'.

' Dato re&xlmeo ﬁ(mh jirmlmrgne
| pofiium; &, 416;7‘:44:0 ¢qtal: fori=
./ftwrg_. C i

. S It conﬁx:utndum nc-'
Gilincum fimile, jpfi -
A, & 2 ualc lteti B. Figt |-

8 4p1. srgo - upr.r D parglle- |~ -
- dogrammum € F,aquale ipfi A& ﬁle" i
. DF,

i,
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D F, in angulo F D H zquali 1phi

EG D, fiat parallelogrammum- D-G, ipf

B zquale. Amplius reGarum G D D'H

inueniatur 4 medig proporr:omalis K L', b 13«
fuper qua fiat re@ilincum M:fimilec ipQ < s

A, eritque retilineum M faGtam ve pro-
ponitut. Eft coim fimile ipfi A ex hypo-

thefi; efle autem 2qualeipfi B fic often-

do. Quiare@z CD, KL, DH fom .
‘proportionales , etit viprima 4 CDad 4 205

tertiam D H, ita reilineum foper prj-

mam, ideft A, ad re@ilincum fuper fe-
candam id eft ad M: fed ve CD ad

‘D H, ita ¢ parallelogrammum CF id ¢,
‘eftAad D H, hocetfad B. Quareerit .
vt Aad-B,ita Aad M, -idecgue rcétil-inﬁ:

B & M erunt zqualia. Dato ergo reititie

neo, &c.

Pr_oPoﬁtio ;&: Thcqrc; |

81 & parallelogrammo anferatur-pae
rallelogrammam fmile teti , &
communem vinm angwium cym
¢0 babens , boc circa eandem dia-
merrums cum tote confiffis,

Ex
" - .
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b X pargliclogramo AB 4 &
auvfergror immle C D, ¥
habens cum co angulum
eundem E, ducanturgue te-
{tx EH HG, qux ?x”non funt diamerer

f
EXD ¥

totius A B, fitergo alia diameter, puta
EF G ducaturque FK ipi HD pasal.

kela; cruntgue CK & A B « parallclo-

ramma fimilia: ok ea;o vt . AE. ad

B, ita CE ad EK; {ed quia fmilia
etiam ponuntur CD & ABcft vi AE
ad EB, ita CE ad C D; haber igitur
CE candem rationem ad EX-& E Dy
quarc EK & E D (unt ¢qualia, pars &

totum, quodficrinequit. Nencltergo .

diameter E EG , vequealia erit quam
EHG; qued cratprobandum. -

Propofitio 27. Theore. _

Cmninm parallclogrammorwm fecii-
dsm candem . veitam applicaioris
& deficieatium figuris paralelo-

Lrammis fimilibus ei quod 4 media
deferibitur, maximmnm id eft quod
ad mediam applicmur, fimile exi-
Sens defelui.

Refta

.
. ~ e -

’-——”\
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. Y E&a A B Bilecerur
in G & fuper dimi-
dia C B fiat yrcunque pa. L 18
rallelogrammum CE.cu. ACKE .
ius diametcr BD ." Completo crgo pa-
sallelogrammo B H , paraliclogrammg
A D crit fuper dimidium A C. deficiet-
Qued toto B H. parallelogrammo C E4
- -thtque A D Gmile defectut CE. Hoe
igitur pasallelogrammum A D dicoeffe
maximum corumqua fuper A B pofita
_deficivnt parallclogrammis fimilibus &
fimiliter pofitis ipfi defeftui CE. Sue
_matur cnim in 1e&a D B quodcupque
.- pen&tum, puta G-, ducanturque KM &
FLipfis AB,B E parallcle; erit§ue pa-
sallelogrammum A G poficum. faper
'A B, & deficicnsipfo K L quod fimile
eft, & fimiliter 4 pofitnmipfi CE. Di- 4 24
‘¢o ergo paraliclogtammum A G minus
cfleiplo A D. Quiaenim qualiafune .
tFD, & DL obbaless xquales HD, b3s. 1,
“DE, & DL maiuseftquam GE hoe
et quam CG (funtenim CG & GE
-complementaipfius CE, ideoqueca- 4 43,1,
qualsa} ericetiam FD mains quam C G, :
codemexceflu IM . Stigituriplis FD,
"C G comnunc addatur A T erit AD |
-mndins quam AG . Omnium ergo pa-
¢ tallclogrammorum,&c. ' p o‘ :
T 4 A

—
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Propofitio 28. Proble.:

eAd datgm lineam rellam dato ve..
¢hilineo gquale parallelogrammum
. applicare deficiens fisura paralle-
ligramma , gua-fir fimilis alsexi
_ dare. Oporier antem datuntrecli-
lmenm non cfle mains ‘p‘arhlldo‘-
- grammo, aqusdaddimidium de-
- #a vellapaseft epplisaviq .- -

- b “
— Epetatur

R . s B
. EMD ..M ‘
cexEplum © -\ \/\ s Q
{uperioris pro- \ T\ \F
EKC A ?

pofitionis, 1
quo.ad rectam

c« ABfit applitmd;xmpa}dléibgrammuirx

quale rectilineo N & deficiens paralle-
logrammo quod fitfimile ipfi O . Super
dimidia ergo ipfius A B fiac parallelo-
grammum a G E, fimile & fimilizer pos

‘ ﬁtu,m ipfi O compleaturque parallela.

grammum B H. Ql_vrpd i1 contingetet
cife aquale , fa&tom
eflee quod peticuz . Si auscm A D maiys

cft

———

i

!
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eft quam N ([ nam mious eflc non deber;
cum enim A D fit omnium ‘maximom
qua applicagi poflunt iuxta tenorem
prop. pr¢eédentis{ G effceA D: mitvs ip -
fo' N nulum aligd applicari pofler_ad
A"B zquale ipfi N Y "éonftictiatut zquas
leexcelfni pasallelagraminum [ M-, fi-
mile 5 fimiliterque. pofitum ipfis O &

CE,, quacgue proprerca poni pgteric

circa ¢ eanderh Hiametrum DB . Iam
vero produétis teftis 1 Gi& ‘M G, erit
patallelogrammum A G applicarum re.
Az A B deficiens paraltelogrimo K L,
fimili 1pfins_1 M,Koc eftiptius © . Idéa

ﬁ:xr::c uale cfbipi N . Nam quia often-
-t

A @ deficere 2b A D, paralles
logrammo J M ,-& ré@ilineum N ab

b 3,

¢ 36,

éodem A D len € E deficir codem pa-

rallelogrammo’ FM , fquitur re@ilined
N, & parallelogrammum AG effc 2+
qualia. Ad datam ergo re@am. -

T A IEEED BFE
i\l i - L.
N R
IR
: T 4 . N A
VoL -« Pro-
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Propofitio 29. Proble.

eAd J;MQ rellams daso reclilineo g=

guale parallel:ﬁmmmm applica-

_ve , eXcedens datans vellam fignra
parallelogramma, que fimihs fis
daso alseri parallelogramme.

‘A D dacam re@®am \1'7“ * M
A B fit applici- y Esq\
dum paraticlogrammia A 2] PVe)
¢quale redtilinco [, &. @ G NM
excedens reGam AB - - ‘
parallclogrammo fimiliipfies D . Swuper,
re@ta ergo E B dimidiaipfius AE fiat
parallelogrammum cuiufuis magnitudi.
nis, dummodo 4 fimie fic ipfi D {imili«
terg; pofitum; fiarg; rurlus parallelogra~
mum G H fimilceidem D, xquale 4 ve-
to ipfis E F & I fimul fumptis; habeat-
que a’:fulum EKF communcm: com
paratiel ogrammo E F. Completis igitur
parali¢logrammis O E, G B, N L, cum
G H f{it pofitum zquale ipfis EF & 1
fimul fumptis , ablato communi EF,

gnomon P CRipfi I crit zqualis . Et_

’
- e~
e ————A .
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. quia ob bales - zquales ¢ zqualia funt ¢ 36.1,

O E & G B,2qualiaitem dcomplemen- 4 433+

ta GB & BH, filocoipfius B H fub-

- fhitnacur zquale” O E, eric parallelogra-
mum A cquale gnomon'i PCR;

" ideoque etiam sedtilipeo | . Quare ad
reGtam A B applicatum eft parallclo~
grammum A M, zqualedato retilineo
I, excedens rectam A B figura parallelo-
gumma N L, qux fimilis eft dazocﬁa-
xaliclogrammo D, cum'fit sirca candem
dametrum cum ipfo E F,quod poficum
eftfimileipli D. Ad datam ergo sectam,

&c. ’

"Propofitio 30. Proble.

L ,
Datam lineam rellam extremaac s
" mediaratione fecare_, .

E@Ga AB A C B

ita fece e |

oz 1a C, vt reftangulum fub stota A B suns. .
& feginento B C,fit ®quale quadrato 3l

teniys {egmenti A C; eritquereéta A B

fe&a cxirenra & media ratione: nametit

bficwe AB,ad AC,i.aACad CB. b 17,

Pro-

e
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Propofitiosr. Theore:

Invelangulis triangulis figuraque=

- wis’ fuper latere rellum angulums

[hbrendente, equalis off figuris,qua

- prioriilli fimiles, €4 fimiliter pofi~

ta fuper lateribus vectum angylups
consinentibms defcribuntur,

N triangulo AB C la- A

l tus' B C;gfubtcpdgt an- " ,A

Glum retum BAC, B | ]
& fuper B C deleriprafic 3
figura s qUéuis puta-CD; - S
cui fimiles & fimilicer pofitz fint AE
A F.fuper lateribus angulom re@um G+
tineatibus. Quia ergo tres omnes figura
fusx fimiles , cruntin duplicata racione

- laterum bhomqlo(ﬁomm .in quaetiao

ratione cllene. quadrata corundem® Jatea
rum; f{ed quadrata (upet A B, A C eflent
aqualia ¢ quadratoipfius BC, ergo.ctid

Aiguree fimiles (uperijifdem A B, A C,

funt gc;uales ipi CD.In redtangulis

egokriangulis, &c.

Pro-
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| Pr_opbﬁtio 32, Theore.

Siduo tyiangula habentia duo laters
dnobus laseribms propertionalia ad
nNms Lngulnm compenantur, itd
wt laterafomologa fint parallela,
veliqua latera in direlipms crang
conftitman.

D Vo txiangﬁla ABC, A

D GE habeatia la- D
tera proportionalia’’;, hec A&\

etvc ABadAC,iuDc » < ®

ad D E,¢omponantur ad conftituendum
angulum A C D; fint§Ge tam antece- °

;

. dentia AB, D C; quam confequentia

A C,DE parallela. Dico reliqua latera

B C,CE iacere in dife@nm. Quiaenim -~

reta C D caditin parallelas CA,ED;

erpnts angulialerniD & D' C.A xqya- 4 29.x4

les; equalesitem B AC,& ACD cim

ctiam re®a A C cadatin parallclas A B

& D C;zquales exgo funt arﬁuli A&D,

cum cidem tertio A C D ofteafi fint 2«

quales ; & cum cirea eoslatera fintpro-
. L A it
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b & partionalia,xquiangula funt b triapgula
ABC,DCE; anguliergo B DCE
fant ¢quales ; addms e zquahbus A
& ACH, pyreseryms im
A,duobus D CE,ACD, ﬁuctonACE
xuri‘usqug addito sommupi A C B, erii¢
duo anguli ACB, A CE parestribus
AB, &ACH; &dhmmktfnnt
duobus redlis, erpo X illi due, idvedue

¢ 3.1 rcltzcBCAC Edmudm&sm

$ % Sicrgo duo triangula.
- Propofitios 3 Thcorg/
) In. equalibus civewdis uguk mdm

babens rationem cwns peripheris
Jdm infiftunt, finc ad cenyra fine
pmplnerw qonfbiswss infllant, .
vationsws habent

: gﬂwﬂ.qmpyogndcmnn%

S Tne 2zquales circus D
iABC,DEF, @

quorum centra G &-

H; & atcubusBC, i it

,EB infiftanc ad centea anguli BGCy

EHF.

S
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E H F. Di¢ohos angubos cileimter fe ve
i arcus DG & EF. Namf srus B G,
EF, funt zquales, szqualesfuntanguli , 5.
BGGE HF. Quech akeexagenstilce
maioe,pusa -B C,aut minor;maior quog,
aut minor_effer angules B G C quam
EHF, & fic uoqueerivin$ zquemul. £ def. 3
giplicibug ¢ fowr ergo anmnli B G C, 5. ,
"EHF.fiaxarcws 3C, EF. . :
Eodem medo probabirur angulos 4
& D quiinfiftunt ad ambijtum , efle vt
, funtijdem arcus/ o
Denique feGtor re&is BG,G C & ar»
cu B C comprehenfus, eftad feétorem
) EHF, ficat arciis B Cad arcum EF',
, Nam fi arcus foor 2quales, zquales eti
crunte dultz reig B C, EF; & anguli ¢ 39. 3.
, adcentrad G & H, & tota triangulae d27. 3,
' B G G,E H Faqualia,gquilesirempar- -
tiodes eivculorum quas anferunt frclta f as. 5,
B C, EF, quarc & oy B G G parerit
v ipfi E H F; quod fi arcds B 'C maior e[~
fetipfo E F, cxteraomniacflent maiora
, incirculo A B C,fi minor, minora; & fic
+ quoque erit g inzquemultiplicibus : eft g defs.s
" ergoleftor BG C, adfetorem E HF, -
‘ ficutarcus BC atcum EF, In 2-
i| qualibusergo. 8¢C.
4

T W e T

L: " €o--

A



' Corollarium, .

Hine manifeftum quoque cff fic
effe feclorem ad feitorems, ficwt eff an-
golus ad angulum; cum virague rasio
cadem  fit rasioni arcws ad arcum.;
quare @ inter e codem fints .

FI NI Ss.

A il

Ad Maiorem Dei glo-
Iiam . ‘

e

. Ay

T e




