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IVVENTVTI
MATHEMATVM STVDIOSA

In Academia Duacenfi.

Abetis ad manwm, Inuenes ornatiffi-
) iy Enclidis Elementafex priora, boc
3§ off Geometria » atque adeo Mathe-
matum omsnium fundamenta : . i1
guibus explicandis i cuipiam videbor nonnulla
fubticenda minus accurard Mathematice dema-
[Prasionis pumeros ommes ¢xplere , is velim in-
telligat nom Sophiftis reusmeendis,qui de induftria
velint in luge cecutire , fed docilibus ingensjs &
weritatis amantibus feribere me inflisuiffé. Qui-
bus profeito nefeia an mediocri breustate obfeu-
riora fiant Mashemata,an molefliora nimiaquo-
yuvdam accuratione.qui [es leCiorum ingewio, few
benewolentia diffiff fatis perfefe abusa inculeant
anxie . &rne quidomifum videatur, tot inv-
pum ratiocinationes congerunt, quot fimul mente
compledlifit dsfficillimum.1d non alibi magisqua
 jnlsbro quingo licebit intuers, fi cui fuerit oportu- .
num alios paffims commentarios cum hoc nofire
conferre. Cum enins cius libri Theoremata in
- IS r ommeRe
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omnem Mithematice payiem vim habere am-
Pliffimar cernerem; nevi dubisaui guin proxime
el prinsis natur ¢ pronuntiatis cobererent, éa>
queproinds nonamethodo adprimafiatim princi-
pia reaocaui, a quibus minimum difce(fiffent .
LQuid erim atimebatper Mulriplicium,co proba-
tionumflestus Tyronem circumducere, fi propolitis
clare sbriuiriorum sotionibus 4d ipfam quampri-
mum veritasem mignp tinpendio poterat pene -
1dre? Hoi fane conflinem mewn ivt accipiant
alyf, vobis tawien duditoribus heis Ufa épfo facile
probasurisri efi confids. Satis wero asplum mib
theatrani éftis;neque aliud propofitiom fuit in hok
opeve vécudendo, quam veflvis feruire’ commodis,
Cream, que mi‘hzbbt{git, Spartam ornare pro'vs-
¥ili; adceteros 1 quid manabit emélursenti , po-
Batur in lacro Vos interim,vti (perylaborem hiic
- $hedin, animim cevte’ veflre viilitatis FudioffF
Johiin agal bonique conflesis.” Valetes.”

Y ST N A

Tua intererit, amice Le&or,precipua Ty-
- pographorum errata ad calcem libti mo-
- tara preeuidiffe: leuiora facile emendabis,
éthinullus: moneam, - - -~ T
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Ego infra (cri,gtus Socictatis IEsv
Prouincialis in Prouincia Gallo-Belgica
iuxea priuilegi@i a Sereniffimis Principi-
busnoftris ALBERTO & IsABELLA
eidém Societati noftrz conceflum, quo
omnibus prohibetur ne libros abeiufdem
Societatishominibus compofitos, abfque
Superiorum permiflione imprimant; fa-
. cultarem do Balrazaro Belléro|Typogra-
pho Duacenfi, velibrum cui " titulus ‘eft,
Commentatius in prfiores fex libros Ele-
mentort Euclidis, & Inftitutiones Arith-
- meticz pralticgCAROLI MALAPERT I

¢ Socictate I £ s v,ad Sex annos proximos
- imprimere & libere diftiibuere poffic,
Datum Tornaci 9. Nouembris 16 1.

FLORENTIVS DR Monruonnua.
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APPROBATIO.

Hic liber continens Euclidis Elementorum
libros fex priores:[tem Oratio R.P.Carort
‘MatLarpegrTII delaudibus Mathematicz pi-
shil babet quod fidem concernat, eiué aduecfe-
tor, Datum Duaci 20.Decembris 16 1.9,

Georeivs CoLveNERIVS S, Theologia
"Doéler & Praﬁﬁg(, €4 librorum in Acade.
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LIBER I 1
Definitiones.

¥ Pun&umeft cuiusparsnulla, -

z Linea longitudo lacitudinis expers.
3 Linez extrema funt punéta,

4 Lineare&acft quz ex ¢quo fuis pun-
&is, feu extremisinteriacet: Sixe, cuins
extrema ebumbrant omnia media.

s Superficies eft quz longitudinem ti-
tum habet. . ‘

6 Superficiei extrema funt linea.

7 Plana fuperficieseft qug ex ¢quo fuis
extremis interijcitur,
- g 8 Planus angu-

K RN lus et dvarum
\\}§\ :§§ linearum in pla-
: \\ ‘&\\\\\\ Y na fupetficic fe
C D tapgentinm, &
non in dire&um iacentinm, alterius ad
alteram inclinatio. '
vt planus angnlns est E F G; quia i;}plmm
ifuperficse ABC D, lineaE FGF, fetane
gunt inpunilo F, ¢ moniacent in direllum
Jine non efficiyns vnam reétam lincam, fed
ad (e mutwo inclinantwy, ve conflitwant an-
gulum EFG, .

‘B, o Refii

e
3




s LIBER 1.

9 Re&lineusanguluseft qui redtisli-
ncis conftituitur. 1
A 16 Quandocerta
fuper certam. c5-
ﬁ({’ésa ¢quales vt-
rimque angulos
fecerit, reCtuselt
C * -vterque angulo-
sumzqualium : quz autem alteri infi-
ftic, diciturdinea perpendiCularis.
Siclinea A B iufiftens ipfi C D off cidem
perpendicularis,quia angulos qui (unt dein-
ccps A BC,AB D efficst aquales, & vier-
gque angulns idcirco eff redius,
11 Obrufusangulus eft, qui maiorelt
recto.

,g" /A 12 Acutus, quire-
3 &o minor. Us ob-
y tufus angulns st A

o B 7] BC maior refloE B,

C,acmss vero @ re-

&lo minor ¢St ABD.

13 Terminuseft quod cuinfque eftex-
tremum,,

14 Figuracft quz fubaliquo , aucali-

quibus terminis continetur. '
' 1g Cir-




LIBER L 3
15 Circuluseft fi-
gura vnice line®
termino contene
ta, quam circum-
ferentiam feu am-
bitum dicunt; &
ad quam lineam
exaliquo punéto intra contento om-
neslinex {unt gquales. '

16 Pun&um autem iilud dicitur cen--

trum, Inrcivculo A'BC F centrum est D,
ex que linee D A, D B, D C adambitum
duéle,E8 omnes alia funt aguales,

17 Diameter circuli eft recta per cen-

trumaéta, & ad ambitum virumque °

terminata. Cuinfmodicit AD.
18 Semicirculus eft figura comprehé-
faidiametro & partecircumferentiz,
quz diamerro clauditur. v¢ AB (.
19 Segmentum circulieft,quoda recta
linea & circiiferentia continetur, guale
SIEFQG,
20 Redilinez figure funt quz reis
lineis continentur, Trilaterz que tri-
bus, Quadrilaterz quz quatuer, Muls
tilaterz quz pluribus. ‘
B2 37 Tri-

\



LIBER L. -

-9t Trilaterarum autem :

figurarum Triangulum ]
a'qulla:crum elt, quod}
tria latera habec zqua-
lia. Qt_c,aleq/l crian ultmx
"B ¢ ABC. ‘
D., 22 Ifofceles feu zquxa

. crus aut zquicrurum,
quod duo tantum latera
, aut crura habet zqualia.

E - Qale eit sriangulum D E
F, inquoduotatumlatera

DE, D F,funt equalia.
23 Scalenum ‘trigguld
et quod omniatriala.

f : » tera habet mcquaha,
& - :g( nwGHK »

24 Re&an gulum trian-

B . gulum e@ quod continet
o ) .angulum re&um.Tale eff
/ ABC inquo angnius Best

. Q B refius.

25 Am-




\ . LIBER'L 5

'
B

B E * 2 Ambligénif

» N : feu obtufangu-
‘s lum, quodangu- -

E R 1d habet obtust.

Tale eff DEF iy quo angwins E cff obsufus.

G 27 Oxygonif feu acu-

tangulum quod tresa-

cutos habet angulos,

Qualeef GHI. ~\

1T B B I CL teilare:
' ' 127 Inter Quadrilate-

| A ® ras Quadrat@ eft,quod
| | equilaterum eft & -
quiangulum, feu quod

| & latera & angulos ha,
€ D e zqualia.ve ABCD.

E F 28 Alcera parte

' - longius fignra eft
2quiangula quids,

G "l gtnon zquilatera:

| EFGH.
" ' 29 Rhombus eft fi-

gura zquilatera non
tamen Zquiangula :
IKLM.

B3 © 30 Rhom



6. LIBER 7

o 30 Rhaboides quz,
‘oppofita latera &
- angulos ¢quales ha-

QU R bet, nontamen aut
: omnia latera aur
omnes angulos habet ¢quales OPQR.

e 5 § ¥ Aliz verd figurz

- qugcunque quadri-

 laterzvocgtur Tra-

ezia. Quezirregu-

a Y arcsfur%cinﬁn%t;.
STYX &c.

A 3 3t Parallelzli-

nez {unt quzin

¢~ b  codemplanoe-
xiftentes, produz ininfinicum neutra
in partem coincident. Ses que parivbi-
gque fpagio inser fe diffant vt lince AB,CD.

H g  Parallelogra-
mum vero eft.
figura quadrila-

| - _tera lineis pa-

p 3 E rallelisdefcrip-

ta. Ut figwra € FGH et parallelogram-
mmmquia deferibinr lingis E F, G Hpa.
vallelis, 8 lineis E G F oA fimiliter paral-

Post 4




LIBER I . ¢
Poftulata,

1 Petatur 3 quouis punéto ad alind
q!wdllbel: re&am lineam ducerepofle.
Jerminatam & ream lineam in
dxre&um & continvumprotendere. -
3 E quouis centro ad quoduis inter-
vallum circulum’ defcribere. '

Communes. notiones [eu
Axiomata.

1 Quz cidem funtgqualia, & inter
fe fun1 zqualia.

2 Sizqualibusaddas zquaha, totae-
runt zqualia.

"3 Siab zqualibus demas zqualia,

quz remanent erunt zqualia.

4 Siingqualibus adijciantur Qquaha,

tota erunt:ingqualia.

s Si ab inzqualibus tollantus ¢qua-

lia, qua remanent erunt mzquaha.

6 Quzeiufdem dupla funt, interfe

funtzqualia, -

7 Quzeiufdem funt. divida funtin.

ter fe zqualia.

8 Que mutuo fibi congraunt, funt
B4 =zqua-

T~




8- - LIBER L

. zqualiainterfe. - '
. 9 .Totum eft maius fua parte.

10 Omaes anguliredi funtinter fe¢-. -

quales. , o
f - . o M

. B It Siin duag -
A rectas  ¢Ga
’ incidés angu-~
losinterioses’

: D &2 cafdem
' partes duabus rectis minores fecerit,
, coincident duz ill¢ lineg, protra&zin
illam partem , ad quam fgc&ant duo
« anguli minores reis. Ut fi in reflas A

BC.D, cadens rela E F faciat angwlos in-
sermes ¢ adcandempariem AEF EFC
minores duabus reclis,coincident illa lineg
protracisverfus parsem AC.
12 Daugreds fpatiumnon comprehé-
dunt. : i
.43 Partesomnes fimul fumpte {uoto-
. xi funtzquajes, & totum zquale cft
. fuis omnibus partibus. ,
.Propofitsonum alic faciendum alind pro-
ponunt, @ vocantur Problemata;alic con-
Jiderandem_aligusd & comtemplandnm,
qws Theorematainferibuntsr. \

( 'No;n,

R




LIBER L ¢°

Notarum in margine fignificatio.

. eAx11. fignificas axioma vndecimum
& fie de religmis, '

10 def 1. fignificat decimam definitionems
Jibri primi.

15 1. hoc ¢t propefitio decima quinta li+

briprimi. -
Const. hecest ex comstruclione. byp. ex
byposhef.

¢

Propofitiones

Propofitio 7. Problema r.

Super datd veila lines verminatatrian.

gulum aquilaserum conflituere_.
- ' Sit data

tur A,fpatio

A B defcri-

. batur circu-

lus BCD,& centro Bfpatio codem du-
catur circulusalter A CE priorem fe-
cans in pun&o C, iunganturque ceitz

reta AB.
, l‘\. Centro igi-
D '

_ linex CA,CB, & szum cfr quod pro-

poni-

o e g L AL

PET



a15. df. 3.

ﬁl..u.i

[ RS

10. LIBER L

ponitur . Namlatus AC cum fit femi-

" diameter eiufdem circuli BCD cuila-.

lateri AB cidem s AB et zquale, & la-
tus BC cumeodem AB eft (emidiame-
ter airculi ACE,et ergo.B Cipfi BA ¢-
quale.Cum ergo AC & BC cidem ter-
tio ABfuntzqualiab pariaquoque e-
runtinter fe , ac proinde omnia latera
trianguli ABC funtzqualia.

Propof, 2. Problem. 2.

Ad datum puniium date reite linee
qaalcm rectam ponere.

H Vtad da-
tum punétf

"A ponatur
recta zqua-

lis ipi BC,

O ducatur im-
© primisre&a
AB,& fuper

_ C cafiat a trid,
galum 2quilaterum AB D, lateribus
DA, DBin dire®um produdis. Inde
centro B fpatio BC fiat circulus CEF,
& centro D fpatio DC circulus CGH,
efit-




EIBER I 1z

.eritqueresperaéta. Nam ad punGum

Apofita et reta AG zqualis ipfi B C;
quandoquidem bz duzre@z additis
zqualibus BD & AD fiunt zquales fc-
midiametribcirculi CG H. Sunt ergo
retz AG& BC zquales.

Propo. 3. Proble. 3.

-Datis reclis lineis inagnalibus de maso-

reminoriparem auferre .
A , Verecte A ex
—— maiore BC z-
E qualis  aufera-

tur;ad punétum
¥ 4 B ponatur’ BE

A aipfi A zqualis.

€ Mox centro B.

fpatio BE fiat circulus DEF, eritq; ab-
fciffTa BD ipiA zqualis; nam vtraque
ipfi BE cft zqualis, A quidem ex hypo-
tefi, BD autem quia cft eiufdem circu-

- lifemidiameter.

Proé

b1sdefr,

LED N



. Ia LIBER I
Proble. 4. Theorema 1,

. Duorwm triangulorum i latws vnwm
umi; ¢ alterum alters fit equale, ar -
gulig; inter illa latera contents fint g-
tiam pares; erunt & bafes aquales, ¢
ipfatetasyiangnla:(ed & religuiarn-
ulireliguis angulis pares erumt qui-

%lls aqualia latera [ubtendansur.

Ve fi in

. A , - b triangulis A

B i ! BC, DEF

B latus AB,

c E F  lateriDE, &

ACalteri DE, fitzquale ( quoddicere

fol&t interpretes alterdaleeri latus effe

zquale, vel verumque vtrique) fimul-

Que etiam pares anguli A & D di&is
lateribus contenti; Dico bafim BC,bafi

EF effe zqualem, & cztera confequi vt
_eftpropofitd.Nam fiintelligamus trii-

* gulumeriangulo fuperponiica veangu-

lus A congruat angulo D, congruent

aVax alatera AB,AC, lateribusDE, DF,
' alterum alteri, cuinempe et zquale.
Sed congruent etiam bafes, ideoque e-

: runt




. LIBERIL 1
réit zquales, cum enim pun&aB&C,
caduntin E & F,re@a B C,cadetin EF:
alias puncta extrema B & C non ob-
umbrarent b media, contra definitiong *+44%
linex certx. '

*  Propo.s. Theore. 2.

Trisnguli 1fofeclis anguli ad bafim fart
paresifi aqualia latera producanter
pares quoq; erunt anguliinfra baﬁ@. ’

N y ' ~ A |
ﬁ- R Bq -
D B ¢ E"
/

In triaugulo ifofcele A B C, latera
AB,AC, producantur vt lubet, fum-
ptadue recta AD,vicunque, 2qualisilli
# capiatur AE ,iungantur; re@x, CD, 1. %
BE. Nuncquia triangula ACD, ABE,

( que claricatis caufa excradtafuntex
media




‘b 4.1,

14 LIBER I

mediafigura,& ad latus pofita) fe habét'

iuxta prop. 4. eenim AG ipfi AB,z-
qualisex fuppofitione & AD, iph AE
ex conftruione,angulufg; A lateribus

illis cGtentuseft comunis.Ob hacbhin-

quam bafes DC,& BE, funt pates, it@-
que angulus D angulo E, & angulus A
€D angolo ABE.Rurfusin medii fign-
rd triangula BCD,BCE, fehabentinx-
taprop.4. Suntenim anguli D,& E, -
quales & zqualibus lateribus conten-

t; eruntigituranguliinfrabaim DBC, -

BCE,¢quales;item{ue anguli BCD,E

BC:& quiatotusangulus ACD,often- .

fuseft zqualis toti ABE,ablatis pari-
bus’CBE,8 DCB, qui remanent fu-
prabafim funt ¢qnales. Trianguliigi-
tucifofcelis &ec. :

Propo. 6. Theore.;.

Sitrianguli duoangsli fuerint aquales,

erunt ¢ latera angulis fubtenfa 2-

. gualia,
In'triangulo ABC igqualesfuntan-
guli B & C,eruntetiam latera AB,AC

{ubtenfa diGtisangulisinter {e zqualia,
. Nam:



LIBER I 15

Nam {i negas efle zqualia ; fitalterum
maius, puta AB ; ex quoauferaturre-
&a BD,ipfi AC zqualis, ducaturgne
1e&a DC.Nuncverd cum duo triangu-
la ABC, CBD,habeant latus BC.com-
mune, & altera lateraBD, CA, lint 2-
qualia,anguluf§ue B,lateribus conten-
tus, fit communis erit4 trifgulum DB « 4 1.
C,trizgulo A B C,hoc eft totum parti,
equale, quod fierinon potclt, Sicrga
trianguli &c.
Cauertit hgc pro-
D pofitio priorem pac-
tem fuperioris nam
ibiex qualitatc late-
rum AB,& AC,col-
B C ligebatur zqualitas
angulor@ fuprabalim BC , hicverd,vi-
ceverfo cx zqualitate di&orum angu-
lorum colligitur zqualitas laterum,
Solet antem Euclides eag tantum pro-
pofitiones conuertere, com ad proba-
tionem fequentium veraque propofi-
tio ¢t adhibenda, hoceft tam conuer-
tens gnam converfa

Pio-

. w e mamiENe .
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16 LIBER 1.
Propo. 7. Theore. 4

Super certa linea dultis ad quodnis
unitum duabusreclis non ducentuy
JSuper eadem ad alivdpunitum ver-
s eafdem partes due alie, fic vt que
 ab eodem. termino incipiunt, fint 2-
guales. | ’
Super recta AB, duis ad pun&tom
C, duabusreé@is AC, BC, ducantur s
fieripoteftaliz dug A D, D B,ad alind
punétum D, itavt CA, ipi DA, ¢qua-
lis fit, cum qua habeteundem termini

A,& CD, ipfi DB, ducatur§que infuper

recta CD: quiaigitur AC, AD,funt g-
quales, erunt 4anguli ACD, ADG, in-
ter {e gqoales;maior erit proindeaugu-
lus ADC, angulo BCD, & multo ma-
c ior angulus CDB;niic
D' verd quia CB,ponitur

zqualls ipl DB, erit

angulus b CDBl angu-

. lo BCD, zqualis, qui

A B tamen antherat ofté-
fus multo maior, non erga ductg funt
bing zquales prioribus. Quod fuit de-

mon-

.t —
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LIBER L 1
monftrandam, ’
Pofletalibi conftitui pun&um D ad
guod ducuntur linez poteriores vtin-
tra triangulum ABC,velinalterutroe-

" iuslatere; fed eadem demonfiratione

facile probabitur lincas pofteriores

numquam pofle effe gquales prioribus,

Propo. 8. Theore.y§.

Si duo triangula duo latera duobus late-

" #6bus alterum alteri aqualia babue-

vint, ¢ bafim bafi aqualem ; habe-

- bunt etiam anguium lateribws con+
tentum aqualem.

| c £ ¥

In triangulis ABC, DEF, fintlatera
AB,AG,ipfis DE,DF,¢qualia, itemque.
bafis BC,bali EF. Quod fi negas angu-
losA & D, lateribus contentos pares
efle, intelligatur triangulum ABC trii-

gulo DEF,(uperponi, tunc verd necef-
- , C fariv
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38 LIBER ' L

farid pun&um A,cadetin D, & fican-
gulusaugulo congruet vevale propofi-
tio: nam {inon caderet inD,{edin G,
aut alind pun&um,tunc duzredtz dua-
bus retis zquales ducerenturad aliud
punétum, &c. quod eft contra prece-
dentem . E5F conmertens primi partss
propof 4. .
Propo. 9. Proble. 4.
- Datum angulum reclilinewm fécare
bifariam.
L . Sumatnr re-
A . &a AB, vtlu-
. bet,& iph par
AC, ex lateri-
~ bus datiangu-
liBAC, nec
non fuper du-
&am te@am B
C.flat triangu-
lom zquilaterum BDC, ducatvrque

‘re&a A D,per quam angulus BAC, di-

uidetur bifariam: nam AB, AC, zqua-

les funt ex conftructione, & AD com~

munis, eque infuper bafis BD, bafi C

D, zqualis, funt s ergo anguliBAD,C
A




LIBER I 19

A D,zquales;quare angulus BAC, dini-
fus eft bifariam. Quod erat faciendum.

Propo. 10. Proble. .
Datam rectamfinitam fecare bifariam,

< Super re@a AB, fiac
trizgulum ¢quilaterum,
svinsangulus ACB, di-
uidatur bifariam per re-
&am CD, & re&ta AB,
A D B j, pun&o D bifariam
quogue fefta erit: Nam triangula CA
D, CBD, fc habentiuxta 4. prepo. Er-
go bafes AD, DB, funtzquales.

Propo. 11. Proble. ¢.
Ex dato punclo in linea reclaperpends-

cularemexcitare.
Inreéta BC,
' detur pun&um
A P

D, fumptique

pro arbitrio D

B, fumatur =z~

qualis DC, inde

{fuper B C fru-

B D ¢ &o triangulo z-
C 2 quila-

3



20 LIBER I

quilater BCA; ex A, ducatus re®ta AD,
& hzc ecit ad angulos re@os ipG BC;
Ni latus DB,zquale eft ipfi DC,ex c&-
firu&ione, & latus DA, cdmune bafis
ot. 1. .infuper,BA,bal CA,¢qualis;sitacrgo
b.a9- 4f 1, anguli ADB,ADC,zquales,ac proinde
re&i & pfa AD, b perpendicularis.

Propo. r2. Proble. 7.

A dato extrareclam punilo perpends-
cularems ducere ad candend rectam,

. Detur puh-

~ &um A, quo
centro , fpatio

A quocung; du-

A\ - catur circulus
 _ dummodo fe-
BN P __C cetretamBC,
\ & fuper par-
tem abfciffam BC, fa&o triangulo
ABC, eadem B C, dinidatur bifariam,
ducaturque re&a A D; & hzc eadem
eric perpendicularis,du®a ex A, ad rep
&am BC.Nam quiain triangulisABD,

» ADC,zqualesfunt AB, AC, ciufdem
circuli femidiametri zqualesitem BD,
DC,ex conftru&ione & AD comunis,

' angu-
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anghliA DB,4 AﬁC,y erunt zquales ac ., ;.
proinde reti, ideoque re&a AD, per-
pendicularis, , :

.Propoﬁ'tio 13. Theore. 6.

Recla faper rectam confiffens aut duos
vecos aut Auobs yectis aquales angu~

Jos facit, |
B A Nam reéa
AB, confiftens
" fuper CD, aut.
. facicvtrimque
* " zquales angu-
C B D los, & proig-

) derectos; aut
inzquales,& tuncex pun&o B, excite-
tur perpédicularis BE,quia igiturinan-
- gulo ABC,continebatur vnus re@usE

BC,&infuperangulus EBA,quician-
‘gulo ABD, facit alterd reGum, & re-
&a AB, conftituebat angulos ABC, A
BD, zquales duobus reis.

:

Cs Pro-
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Propofitio 14. Proble. 7.

8i ad punitum in recla linea datum due

recte nonad cafdem partes dulte an-

gulos efficiant duobus reciis aquales s
in direcinm funs ille lince,

A Nam fiad pia-
&um B, ducan~
tur duz rete

£ CB,BD, facien-
tes cum reéta

< R - D AB, angulos z-
quales duobusredis, & negasiacere in
dire@&um, iaceaterpo BE, indireGtum
ipfiCB. At hocefle non potelt; nam
anguli ABC, ABD, erant pares duo-
bus re&is: non funtergo paresduobus
re&isanguli ABC, & ABE, alias totum
parte non effet maius; fed neque alia
ducipotett ipli CB,adiacensin dire®i
nifi BD; ergo &,

Propofitiors. Theore. 8,

Sidue recle fé inuicem [ecuerint angm-
. bos ad verticems oppafites equales fa-

gent. .

Re@z AB, CD, fecent (cinE,eritds

angu-

|
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angulus CEB, angulo AED (quidici-
, tur illieffe ad ver-
A - ‘D ticem oppofitus)
zqualis: nam fiue
AED fiue CEBad-
iiciatur anguloin-
/\\ terie&to AEC, co-
Rituer  zquales
B duobus reétis ;
quareanguh CEB,& AED, {unt¢qua-
les,com addito eodem , fiant zquales.
Similis demonftratio procedet 1n reli-
quis oppofitis angylisad verticem,

Propofitiors. Theore. 9.
Omnis tmmgu/t quonss latere produﬂo
externus angulus virolibes inserne

& oppofiso maior eff.

=
Trianguli ABC,latere BC,produ&o

in D,eritangulus ACD externus ma-
C 4 ior
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minor eft externo ACD.
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jor internio & oppofito CBA,yel BAC;
latus enim AC,bifeceturin E,ducacur-
que BF, ita vt EF zqualis fiatipfi BE,
iungaturq; re&a FC, quz erit zqualis

" ipfi AB: nama duo latera EB,EA, z-

qualiafunt duobus EF,EC, & angu-
li contentigqualesad verticem; Tr1an.

gula ergo AEB, FEC, fehabentiuxta

4.propo. & bafis FC,bafi AB cft ¢qua-
lis, angulus item BAE, angulo ECF;
fed hiceft pars anguli externi ECD, i-
deoque minor,quare & angulus BAC,

A %0 d

- filatus B

' C, bife-

o cetur in

, o) »n Eproda-
; &o late-

B E re AC;in
R G, &re-

- liqua fize
S w prius

; ' eodé mo-
do monftrabitur angulum BCG, &
proinde angalum ACD,quieft huicad
verticem, maiorem effe angulo ABC,
2 - Om-

e e ea e e
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Omnis igitnr &c,
Propofitio 17.  Theore. s0.

Omsnistridguli duo anguls quomodocizg;
Jumpti minoresfunt duobus reéiss.

- A Namangulus C,
internus plus re-
quirit quam angu-
lum B,vtfiat¢qua-

X - lis duobus redis;
B < requicit enim an-
gulum C, externum maiorem interno
a & oppofita B; non funt ergoanguli
B, & C,internis pares duobus re&is. Si-
militer alio Jatere produtto de alijs
quibufuis duobusangulisidem proba-
bitur. Omnis ergo &c.

Propofitio18. Theore.11.
Ommis trianguli maius latus maiorers
angulum fubs erndis.

A . Vehitridgu-

e16.'t,

‘ li ABC,maius
b eftlacus AC,
quam AB,ma-

B C  iorerit angu-

; lus
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lus ABC, quam angulus. C, fubtenfus
alatereminore AB:Sumaturenim AD,
zqualisipli AB:Tuncvero quia gqua-
liafunt latera AB, AD, angali ABD,
ADB,fupras balim funt paces. Sed an-
gulus ADB, et excernus & oppofitus
angulo C,ac proinde bmaior;multo er-

. gomaior eft,cotus angulus ABC,angu-

lo C, Omnis igitur triangul.&e¢.

Propofitio 19. Theore. r2.
Omnis trianguli maior angulus masort
- lateri oppomitur.
Siangulus B,maior fit
ipfo C,erit & AC,maior
quam AB, nonenimeft
minoraut zqualis, nam
B ¢ tuncangulus B, effet mi-
nor 4aut zqualis § ipﬁgC, cltergo AC,
matorquam AB, Quare omnis trian-
guli&e:
Propo. 20. Theore.sz. .

. Omnis triar)guli duo latera qaomala-

cunque fumpta, reliquo fumt maiora.

Sienim in triangulo ABC, Jatera A
B, BC,fimol fumpta non funt maiora
iplo
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ipfo AC, producatur AB,fic vt BD, z-
' D qualis fitip BC,
& proinde AD, !
zqualis fit ip»
fis A B &BC;
B Nunc vere quia
BD, & BC, funt
> ®qualia; erit pa-
- A C resaanguhD & a5 &
BCD; maior ergovtroq; erit totus an-
gulus ACD; fed totumhunc angulum
trianguli ADC, fubtenditlatus AD,
maior ergoeﬁbre&aAD(qug zqualis #19. &
et duabus AB,& BC,)quam latus AC,
Omnis ergo trianguli &c.
Propo. 2r. Theore. 14.
Siaterminis unius lateris in zrimgulo
due reclaintra triangulum iungan-
turserunt he latmlms trianguli mi-
Boves; matorem vero angulum con-
tinebuns.

Viintriangulo ABC, divco latera
BA,AC,efle maiora reétis BD,& DC,
- quzintra triangulum jungunturin D.
Namw produéto latere BD, in E, latera
BA, AE, trianguli BAE, maiosa # {unt 4 o,

iplo
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’ ipfo BE; Addito ergo comuni Eb,m a
o A ~iora funtBA, A
C,ipfis BE, EC.

E Etquiain trian--

D gulo CDE maio -

\ rafunt CD,ED,

bipfo CE,addito

B , ¢ comuni DB,ma-
iora fient CE,EB,quam CD, DB; Sed
‘CA,AB,maiora oltenfa funt quam BE,

* EC;erunt erge AB, AC, multo maiora

ipfis BD, DC; Secundo angulus BDC,
externus ¢ maior eft interno & oppe-
fito DEC, & hic maioripfo A interno

' & oppofito; muito er%o maioreft an-

~* gulus BDC, iploangulo A.

Propofitio 22. Proble. 8.

Trianguluns constitucre cuins latera tyi.-
bus datis lineis [int equalia ; gportet
autems duas quomodocungue [umptas
reliqua effe maiores,

Dentur tres ce@z A,B,C, & ipfis fu-
mantur ordinezquales DE, EF, FG:
tum cétro E,fpatio ED, ducatur circu-

' Jus DG, & cétroFinteruallo FG, duca-
turgigculas alter GH,iungiturg; redz
1 »




LIBER I ig
A

EH,FH, & fa&i et quod proponituty
Niin tsidgulo EHF,re&a EH, 2qualis
aeft ipG DE hoceftipfi A,EF,vero ipfi

4 15.def 8y

B, acdeniq; FH,ipfi FG, hoc eft ipfi C.

Propofitio 23. Proble. 3.

Ad datum in vecla punilum dato an-
gulo, aqualem angulum reclilineum
ponereo.

A B Detur angu-
lus A,cuiad pi-

&um B, in re@a -

- BC, zqualis fic
Df~g € F ponendus.Sum-
ptisvtcunque in lateribas daci anguli
pun&is D,& E,iungatur recta DE.con-
fticuaturque triangulum BCF,cuius lra-

tera
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terafint tribus lateribusipfius ADE, .
qualia,itave BC par (it ipfi AD;BF,ipl
AE; CF,ipfi DE: Quo facto triangula
fe habent iuxta 8.propo. Nam latera &
bafes funtzqualia; quare anguli A, &
B,zquales, & ficfackum et quod crat
propofitum. -

Propofitio 24. Theore. r§.

Si duo triangula duo latera equalia al-
terum alteri habuerint , & vnum
triangulum habeat angulum laters-
bus contentum masorem, idem guo-
que habebit bafim, bafi alteriustrian-

guli maiorem.
D A Ve fi latera

Cot AB, AC, z-
qualia fintla-
tetibus DE,
DF, & angu-

G Y FB € lus A, mator

angulo EDF, maior quoqueerit bafis
BC, bafiEF.Nam @ fiat angulus GDF,
ipli A zqualis, &latus DG, ipfi DE, fit
®quale, iungiror§; re¢k¢ GE, GF,an-
gulia DGE,DEG, pares erunt; quare’

totus FEG ymaior erit quam DGE, &
) ' mul-
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multo maior quam FGE, quare recta
b GF, & huic zqualis BC, maior eft
quam EF.Si duo ergo triangula &c.

Propofitio 25. Theore. 16.

Siduo triangula duobus lateribus duo
latera equalia habuerint alierum al-
seri.pafimvero bafi maiorem, habe-
bunt angulum contentum lateribus
angulo masorem.

B Nam fi pa-

' A
- ria fint late-
l‘aAB, AC) :
‘ iplis DE, D
£ c I ]L F,& bafis B

C,maior ba-
fi EF, angulus A 4 maior eritiploD.
fi enim aut zqualis effet, ant minor,ba-
fis etiam EF,ipi BC, zgualis effet, aut
minor c5tra hypothefim. Siergo &c.

Propofitio 26. Theore.r7.

Si duo triangula,duos angulos duobus
angulis pares babuerint alterum alte-

76, & vnnm latus vni lateri aquale,
JSine quod adiaces angulis, fine quod

. uni

b 19. 2.

. 24.1,
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wii equalium awgulorum fubtendi-
tur , erunt Crreliqua lateraalteram
alseriequalia, & reliquws angulus
reliquo aqualis.

D Sint in

AA
triangulis
G ABC, DE
Fanguli B
- ———\ & ACB,
B H E F equalesan

gulis E & F.fitg; primo latus BC, quod
adiacet angulis 2qualibus 2qualelate«
ri E F:iam fi latus BA, non et zquale
ipi ED,fitillo mains, & exco fumatur
BG,zqualisip(i ED, tum vero, du&ta
CG. duo latera triangulorda BG C, &
EDF,zqualia funt,& anguli contenti B -
& E,¢qualesvnde sanguli F, & GCB,
pareserunt; quodelle non poteft; nam
hicangulusef parsiplius ACB,qui z-
qualis ponebacuriph F, non eft ergo
maior BA,quam ED; fed neque minor,
aliaslateri ED eaderh quz prius appli-
caretur demonftratio; ergo zqualis; &
tunctrifggula BAC,EDF,fe habétiuxta
g-prop. & latera lateribus, anguliitem
angu-
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angulis correlpsdétibus funt zquales.
Sit fecundo pofitisangulis B, & ACB,
ipfis E, & F¢qualibus, latus ED qued
fubtenditur angulo F, zquale larteri
BA; iam fi BC noneftzqualisipfi EF,
fic maior, fumaturque BH @qualis ipfi .
EF, du@aque AH,probabitur triangu-
la BAH, & EDF, eflciuxta 4/ propo.
‘Quare angulum BHA, parem efleipfi
F,cui eidem ¢qualis eft ACB; quod fieri
nequit:nam fic angulus AHB, ¢qualis
eflet interno & oppofito ACH; nen
eft ergo BC,maior quim EF, fed xqua-
lis; quare rurfus triangulaBAC, EDF,
funtitxta 4. prope. & cetera feéquun-
tur vt prius.

Propofitio 27. Theore. 13.

Siinduas rellas reclaincidens angulos

alvernospares fecerit, parallele erunt
tlle lince. :

. ' Sint Juaa
A r/ B retz A By

7 CD,in guas
/ : G cadat se@ta
c- /_p I3 EF, faciens

angulos al-
D  ternos
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tetnos AEF, EFD, gquales; parallelz

ergo crunt reétg AB, CD; nam fi con-

currerentin

G, & fieret

triangnlum

, _ >G EGF, cflet

angulus ex-

c /F D tefnus AEF

maiot#interno & oppofito EFG, cui

ponebatnr zqualis.Eadem fietdemon-

fratio (i dicantur concurfurg verfus A;

neutram €rgo in partem concutrent,
fed funt parallel.

Propofitio 28.  Theore. 19.

St induas reclas recla incidens mgah»i
externum interno & oppofite ad eaf-
dempartes equalem fecerst, aut dues
internos ad eafdem partes equales
duobus rechis parallele sit ille lince.

In duas re@as AB, CD, incidens EF,

faciat primo angulum externum EGB, ‘

2qualemintetno GHD, & oppofitoad

- ealdem partes;quia ergoangulus EGB,

¢qualis eft angulosad verticem AGH,
eruntanguli alterni AGH, GHD, z-
quales
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‘ quales ; cum
zquales fint

: E .
A \G B upi tertio EG

B: ergo linez
AB, CD, funt
C H\ p parallelz. Fa-
v ciat {ecundo
F  (c&a EF, an-
gulos BGH,DHG,internos ad eafdem
partes zquales duobus re@is; quia er-
?0 angulus E G B, cum angulo BGH,
acit #quales duobus re&tjs & cumeo-
dem BGH,angulus GHD, facititidem
duobus rectis zquales, fequitur angu-
lum externum EGB, zqualé efleinter-
no GHD: quare per priorem partem
huiuspropo. re&z AB, CD, funt pa-
rallele.

Propoll29. Theore. z0.

" Sireclainparallelas incidat anguliinter-
ni ad eafdem partes duobus veilis «-
guales erunt,auguli item alserniinter

JSe 2quales; ac deﬂiq‘xe angula:-rxter-
nus interno ¢ oppofite erit aqua-
is. /

D2 Ve
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B Vtfiin paral-

: lelas AB, CD,
cadatre&a EF,

A G B primo anguli
interni ta ver-
fus A, quaver-

c H\D fuos B, pares c-

rit duobus re-
F &is: nam fiver-

fusalterutram partem effent minores,

lineg €x ea parte s produ@e cocurrerét,
quate contta hypothefim non eflent
parallel. s

Secundo quia angulus DHG, tam
cumanguloHGB, quam cum angulo
CHG,valet duesredtos,fequitur angu-
los HGB, & CHG, qui funt alterni,
inter fe eflezquales. -

Tertio eadem ratione quia BGH, -
ue cum externo EGB,five cum interno
GHD, valetduos rectos, fequiturex-
ternum EGB, paré eflcinterno GHD.
Siergorea&e. .
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Propo. 30. Theor.2r..

e ciders veile funt parallele, &
inter ¢ fumt parallele,

. A ~ Sintre-
- A ' G/Bf Gz AB

. lelz ipGE
_ / F F,in rguas
- omnes ca-
c / H D dat’ re@a
GH.Quia
ergo AB, EF funt parallela , angu-
lialterni AGI, GIF funtszquales: Sed
angulus GIF, zqualis eftincerno &
oppofito IHD (cum EF,CD,ponantur
parallelz ) funt ergo inter fe 2quales
. anguliAGH,GHD, cumfint pares ci-
dem tertio GIF ; {edijdem anguli {unt
alterni circalineam GH, funt ergo li-
ne¢ AB C D, in quas incidit, paral-
lel. )

E

CD,paral- -
v paral-

4 29,10

b29, 1. "

¢ 27. L
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Propofitio 3s.- ~ Proble. .

Ex dato punilo dsta reile paraliclans

Aucere. \
E < Detur

- / xe&a AB,

\ . cuiex pi-

D . B &oC,du-

cenda fit parallela: fumpto inre&aAB,

pun&o quouis,puta D, ducaturveciag;

re¢ta DC,& angulo CD B, confituatuc

a2qualis ECD,eritque re&a EC, ; ipfi

AB parallela; nam angulialterni ECD
CDB, funtpares.

Propofitio 72. Theore. 2z.

Omnis trianguli vne latere produclo ex-
ternus angulus duobus internis &
oppofitiseff aqualis, & tres interni
dnobus rectis funt equales.

Triangoli ABC producatur latus-

quodcunque, puta BC,in D, ducacurg;
s CEipfi AB parallela. Quiaergo AC
caditin parellelas AB EC, angulus; A
zqualiseftslcerno ACE. Rurfus quia
retta BC, caditin eafdem parallelas;

angu-

N TR m ome m
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angulus ¢ ECD, externus zqualis eft in-
terno B. Totusigitur ACD zqualis eft

duobusinternis A, & B, & probataelt

prior pars propofitionis. Nunc quiaan-
gulus ACB cii externo ACD valet duos
- A e retos,idé AC

, B, cum duobus
A & B, valebit

duos rectos, cii

A & B oftenfi
3 C D (int pares ipfi
externo ACD. Omnis igitur triangu-
li &c, '

Corrollarium.

Hinc manifeSium est in omni quadrila-
8670 guatnor fimuh anguhos quatsor vellis
effe aquales; nam duidaretla ex vno angw-
boin oppofitum , quadrilateram dividesur

induosrsangula que fingula babent angs-

los pares dmobus reclis , anguli ergo sosins
guadrilaseri valens quasnor rettos.vs ap-

paret infigura feq.propa.

D4 Pres

e 319, 1,
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Propo. 33. Theore. 23

Linea velle que equales & parallelas
 ad eafdem partes sungunmt, funt &

{pfx aquales & paralicla.
: Reétas A B,
A B CD =zquales &
parallelas iungic
' ad eafldem partes
C o duzalicAC, BD
" ducaturquerecta

BC. Qujaergo re&ta BC tangit paralle-
las AB,CD;angulisalterni ABC,BCD
pares funt. Nunc vero quia latera AB,
CD {untzqualia, & latus CBeft com-
mune, anguliq; cGtenti ABC BCD stt
zquales, triangula ABC, BCD funt
iuxta 4. Quare bafis AC, bafi BD, et
zqualis: (qua el prior pars propofi-
tionis )& infuper angulus CBD,angulo
BCA eritzqualis, Nunc ergo quiain
duas retas AC, BD cadens reta BG
facit angulos CBD,BCA alternos a-
quales, parallel¢ b funt AC, BD.

WY

‘Pro-
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Propof 34. Theore. 24.

Parallelsgrammorum [patiorum oppo-

‘ fite latera o anguls funt equaliasip-

faque parallalogramma & diametre

i Secantur bifariam. ,

A B Nam in parallelo-

grimo AD duéta dia-

metro BC, anguli al-

ternisa ABC, BCD it

pares, & rurlusg¢qua-

R o D les funt anguli CBD

. - . BCAjquiaergo trian-

| gula ABC,BCD habent duos angulos

pares, & latus BC adiacens angulis ¢5- .

mune, reliquié anguli A & D funt pa- & 26. =
res, & latera omnia,& anguli correfps-
\ dentes funt zquales: tota denique trid-
gula ®qualia funt, Quare parallelo-
grammum AD bifariam fecator 4 dia-

metro B C. Igitur parallelogram. &c,

Propo.35.  Theore. 25.
Parallelogramma fuper eadem baff, & -

.. ineifdemparallclisconflitutajinter f¢
- funt aqualia,

29 | A

Soper
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'l‘is bafis, & ead¢. Sint nihilominus pa-
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c D E B  Supercadem

bafi AB, confti-
tata - {int dao
parallelogram-
ma AD, AF;
B fintque AB,CF
linez parallelz. Confiderentur deinde
duo triangula CAE,DBE in quibus la-
tus AC gquale eft aipG DB, & CEal-
teri DF:nam CD,EF,zqualiaéfunt vni
& eidem AB, & addito communi DE
lineg CE, DF unt pares.Sed & angulus
BDF zqualiseftipfi C,cirinreétas CA,
DB cadat .CF: (unt ergo triangula
CAE,DBFiuxtag,& vndique zqualia,
‘Quare ablato ¢gmuni triangulo DEG

" trapezia relita CD GA, FEGB (unt

2qualia; & addito communi triangulo
ABG,tota paralielogrima funt paria,

Propo. ;6. Theore. 26.

" Parallelogramma fuper aqualibus baf-
bus, & ineifdem parallelisconflirnsa, -

inter [¢ funt equalia.
Satis patet ex przc:nd idé facit ¢qua-
ral-

[~ vy

et by g v
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rallelogrima AC, EG inter parallelas
AH,BG fupet bafibus paribus BC, FG,
- ifigiturg; rectz BE,GH:qug quiasgiie
" gquales & parallelas BC,EH,sit & 1pflg

& xqnales, & parallelz: cdque EBCH “**

i

parallelogrammum zquale verique 445 4,

tam ipfi AC cum
1 (it fopereadem bafi
BC, qui alteri EG,
cum fic etiam (uper
_|_eadem bafi EH.
B C F G Suntergo&extre-
ma parallelogramma AC,EG zqualia.

Propofitio37. Theore. 2;.
Triangula fuper cadem bafi & inter pa-
. ¥allelas eafdt pofita, funt equalia,

B A D ¥  Sint trid

A D E

Vv gula, ABC
UBC, fu-

‘ \ per eadem
P C bali BC in-

: ter paralle.
las BC, EF, ducanturque reé¢ EB pa-
rallela ipfi AC, & FC ipfi DB pa-
rallela Quia crgd parallelogrd maEC,
BF funt fupes eadem bafi, & inter.eaf-

: dem
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dem parallelas ,# erunt gqualia. A erid-
E . A D ¥ gulum ABC

IN eft dimidid
; \ b parallelo-

\ ‘grammi EG

- cumgq; trid-

E < © gulom DBC

alterius parallelogrammi BF fit etiam
dimidium,erunctriangula ABC, DBC
intet (e ¢qualia,quod eratdemonttran-
dum. :

_ Propofitio 38. Theore. 25,

Triangula fuper equalibus bafibus & in
 esfdem parallelis funt aqualia.

. Patet ez

‘| proxime ante

fA — —G[ vD cedenti, Trif-

: ,'\ gula enim fu-
I / petioris pro»
B CE x  Ppofitionispo-
nantur fuper
=zqualibus bafibus vt fint ABC, DEF,
duciturque vtrique lateri parallele, &

dem on&;atigyroccdct vt prius.

.~ Propo,

-
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Propofitio ;9. Theore. 29.

- Trianguls equalia faper cadembali &

ad eafdems pariesconflituta,in eifdem

: ﬂnt]amllelic.' .
- ~ Nam fi yrian-

p gola ABC,DBC

tuper eadem ba-

fi BC confticu-

ta, fint zqualia,

B < & negas tamen

reGtam ex A per
D du&amipfi BC effe parallelam; du-
caturalia quz (it parallela puta AE:iii-
&i ergo re&ti CE, erit trizguium ABC,
zqualeatriangulo EBC,quod ficrinon
poteft: nam triangulum DBC zquale
ponitur cidem triangulo ABC; ergo
EBC quod eft pars totins DBC trian-
gulo ABC non poteft cfle zquale.
Eadem demon(ratio fieret fi retam
AEvelles' cadere extratmiagula ADC:
non ergo- erit alia paraliela quam

AD. Reciprocum et boc Theore. prop.37.

43
%

l’topo

437. 0
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Propofitio 40. Theore. z0.

Equalia trianguls & 4d eafdem partes
- Juper equalibus bafibus conflitmea siit

inter eafdem parallelas.
N triangu
A___D | 4BC, DCE
Y pofita fint z-
qualia & fuper
- zqualibus ba-
B c E fibus BC, CE;
neges tamen

re&tam AD ipfi BE effe paralleld,fit par-
allela AF.Tunc vero du&ti FE,triangu-
lum FCE erit#2qualeipfi ABC,cuiei-
dem zquale ponitar trisngulum DCE;
erunc ergo pars & totum eidem zqua-
lia,quod effe nequit.& thanc manifefium
eit effe conmerfampropo. 38.
Propo.41. Theore. 3.
Si pardl/elq rammum ¢ rriangulum
eandem habuerint bafim (intque in
. §fdem parallelis , eris parallelograns-
mum duplum trianguli.
Sint purallelogrammum BD, & trid-

gulum EBC, fupercadem baiBC, &
, inter

|
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g inter  parallelas

A D 7 AE,B C};’ducatur—

que AC. Quiaer»

gotniigula ABC,

»EBC {unt zqua-

B c lia,& ABC eft di-

midivm parallelogrammi BD, fequitur

etiam triangnlum EBC,ciu{dem paral-
lelogrammi efle dimidinm.

Propo. 42. Proble. 1.
Datotridgulo aquale parallelogrammis
coftituerein dato anguloreciilmeo.

Sint da-
ta triangu-
lam ABC,

A F G

437 %

& angulus
4 f D; balique
B E G D BC, bita-

ridfe®a in

E, ducatur

AE,agatur; s per A,reta AG ipli BG,
parallela, mox ad E pun&tum, fadto an-
gulo FEC bipi D zquali, educatur ex
Cyreta CG,iphi FE parallela. Quiaer-
go triangula ABE, AEC, foper¢ xzqua-
libus baubus BC, EC funt zqualia; &
triangu-

'

431 1,

b1o. L

€38 8.
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triangulum AEC,parallelogrgmmi fu-

per eadem bali EC, conftrudid et di-

midiom, fequitur totum triangolum - -

ABC, eflequaleparallelogramo EG.
Dato ergo triangulo zquale parallelo-
grimd conftituimus, habens angulum
FEC dato angulo D zqualem.

Propo. 4;. Theore. z2.

. Omnts Paral/elagmmmi eorum que cir-

“ 31--7 1

ca dismetram funt parallelogram-
morik coplemesa funt inter f¢ aqualia.

A F D Citcadiame-

trum AB, pa-

EXTTY rallelogrimi
CD; confiftaz

c G B parallelogei -

ma EF,GH;complementaveroquedi-
cuntur, fine parallelogrammaCl, ID,
per quz diameter AB,non tranﬁt;quia

igitur diameter AB, diuidit bifariam

parallelogramma CD,EF, GH, # erunt
triangula AEL,IGB, zqualia triangulis
AF11HB; fed & cotom ABC,totitrii-
gulo ABD,zquale eft:compleméta er-
go CI, 1D, funt etiam zqualia. Om-
nis ergo parallelogram. &c. '
Pro. 44.

——
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Propo, 44. Proble. rz.

Ad datam reclam parallelogrammum
conflituere dato triangulo aquale in
dato angufo reclilines.

Sitdatare&a A, triangulum B,angu-/
Jus C: Fiatdeinde parallelogrammum -
DG » 2zqualc triangulo B, habeatque « 4. 1,
angulum DFG angulo C =qualem.
Potthgc produdo latere FG,inin H,ita
vt GH ficzqualisrez A, per H agatur
L N,éparallela ipfi E G, & occurrens é3t. &
lateri DE, in pun&o N.Rarlus produ-
&olatere DF, ducatur ex N, diameter
per Hoccurrensipfi DF,in K,du&ique
per K, re@taKL,paralleld ipfi FH lacos
EG producaturin M Quo facto dico
parallelogrammum GL, efle quod pe-
titurinam quia complementacfunt z-¢ 34 *
qualia, i complementum GD, eftz-

E . ¢qua-
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‘letriangulo B eritetiam GL,eidem B}

zquale; (ed & angulus MGH, zqualis
oftangulo FGE, oppofitedad verticé,
quare & ipli C erit 2qualis; eltque re=
&a GH,2qualis datzretz A:lgiturad
datam re@am &c.
Propo. 45. Proble. 13,
Dato reclilineo aquale paraltelogrim-
mum coffituere in dato angulo recli-
lineo. :

A B FG K
c D HI L .

Sitdatusangulus E, & re@ilineum
BC,in quo du&tire®a AD,fiat paralle-
logrammum FI, s ®quale triangulo
ACD inangulo Hqnui fitipi E zqua-
lis: protrahatur deinde latus HI & ad
tetam Glin angulo GIL, (quicktz-
qualisipiH,quaie & ipli E)fiat patalle.

logrammum GL, zquale triangulo -

ABD, eritque tota figura FL paralielo-
gram-
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grammum: nam L K, parallela cftipfi
FH, cum viraque fitipfi GI parallela,
cumque Gk,ipfi 1L fit pasallela , Acuc
HL eftvnare&a ita ctiam Fk;lunt vero
FG HI parallelz, quare etiam torz
Fk HL,eruntgparallel¢. Dato ergore-
&ilineo &c. :

Propofi. 44. Proble. 14.
A data recla linea gquadratun de-
' feribere.

. _ Sitdatérc&:AB, :
C ] D adcujus extrema

A & Baexcitérur
perpendiculares
CA, DB, ipfi AB
A B taeg; redta CD,
& coftitutum eft quadratum. Cume-
nimanguli A & B lint re&iberunt AC,
DB parallelz, funtque ctiam zquales,
ex conftru&tione quare CD, AB, funt

queque parallelz & gquales; ac prop-
terea AD, eft parallelogrammum;cum-

queanguli A & B;fint recti cerdt etiam | M‘ .

oppofiti C,& D,reQi:(unt vero tria la~
E: tera

s L1,

aquales, iunga- -

bt 3,
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tera reliqua fumpta gqualia i;l)ﬁ A B,
2uarc figura AD, eft quadratum,ex de-
nit. 27.

Propo. 47. Theore. 33.

In reclangulis triangulis quadratums
quodalatere rectum mgi;)um  fubte-
dente deferibitur, aguale eft eis. que
& luserib. recium angulis continenti-

bus deferibuninr, quadratis.

. D E K
PRPUA 3 In triangulo A B G, angulus BAC,

rectus fic lantque foper s lateribus AB,

e~ ————— e

— . ——— ————————— . gt
U,
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AC, quadrataBG, CH. Item fiat fuper
latere BC,angulum retum {ubtenden-
te quadratum BK, quod dico ¢quale
efle duobusaliorum lacgrum quadraus
fimul fumptis; du&td enim AE, paralle-

" - laipfi BD,aut Ck,iungantur etiam re-

&z AD,FC.Quia igitur angulus DBC,
angulo FBA, re@us reGo eft zqualis,
addito comuni ABC, pares eruntangu-
liDBA, FBC; funtinfuper triangulo-
ri ABD, FBClatesaDB, BC.ipisBA,
BF fingula fingulis ¢qualia: triangula i-
gitur ABD,FBC,bsir zqualia: fed tria-
gulda ABD,eft dimidid ¢ paralielogrdmi
BE,cum fit fuper eadem bafi BD,inter
parallelas BD, AE, & eafdem ob cap-

fas triangulum FBC, eft dimidiit qua--

drati BG; quadratum ergo BG gquale
“eft parallelogrammo BE, cum eorum
dimidia fint paria. Quod fi pun@ta
BI,AK,coniungantur duabus lineis re-
¢&is, ecadem plane methodo probabi-
tur parallelogrammum EC, quadrato
CH,efle zquale. Totum igitur quadra-
tum Bk, reliquis duobus zquale eft.
. InreQangulisigitur &c.

E 3 Pro~
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Prapo. 44. Theore. 35.

Siquadratum ab vno trianguli latere
* deferiptum equale eff duobus reli’

gwernm laterwm quadratis, angulus
guem reliqua latera  continent eff

yeckus. :
D

In triangulo
ABC,fitlatus AC
huiufmodi,vteius
quadratom ¢qua-
le fic quadratis
duorum reliquo=
A C rum laterim AB,
BC;dico angulum ABC, conténtum
ijfdem reliquis latenbus efle reGum.
Nam fi ducatui éxB, ipfi AB, perpen-

dicularis BD, ipfi BC zqualis , ion-.

gaturque re&ta AD, tunc quia angulus

I ABD, rectus cft, erit quadratum ipfius-
¢ 47- % AD, zquale quadratis srettarum AB,
- & BD, vel BC;cumque quadratum ip-
fius AC, quadratis carundem AB, BG,

ponatur ¢quale,erunt lineg AC,AD¢-

quales inter fe. Quia ergo duo triangu-
la ABC, ABD, habent tria laterab 2-

‘ '.' r‘ .
o qualia




LIBER L 55
qualia, sit etiam angoli omnes gquales
qui {ibi refpondét: vade quia angulus
ABD re&us,elt rectus etiam eric ABC;
fi ergo quadratum &c. Eff conserfapre-
cedentis, ue fatis paset.

E4 EVCLL
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Definstiones.

I Panallelogrammum re&angolum
contineri dicitur fub duabus lineis qua
reél:um angulum comprehendunt,
B U pamllelagram-
. ‘ mi rellagnlum FG
l ' V continetur ﬁab re-
G ¥l &is HG,EG cotiné-
vibus angulii reltis G. Itz [ub reltis HF,FE.
Simile alsquid in numeris videre off: - .
Sieus emim _reciangulum cowtinctur [ub '
duabus lincis s2a figuratus numerusrella-
golus contincrsir fub numeris duobus qui |
inter f¢ multiplicasi pro- !
1

,. * ducunt numerum aptum

- LRSI s figure. Sic numerss
, = owan v yellagulusyz comtinetur j
4 #b3 & aquiinter femml. :
- wphic

e R T T e
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tiplicatiefficiunt 12, numerum apeum fign-
rareclangule, _—

11 Inomni parallelogrammo fpatio
vnum quodlibet eorum guz circa dia-
metrum {unt parallelogrémorum cum

. duobus complemétis gnomo vocetur,

Fel E B Vuin parallelo-
‘grammo AB, pa--
' X rallelogrammum
RS N\ " LM com duobus

F K M coplemétis EM,

| I~} LF,vocaturgno-.
A L D pondiem paral-
lelogrammum FE cum duobusij{dem
complementis et gnomon. Solet an- .
tem gnomon defignarilinea curuaquz .

tranfic per complementa & parallelo-

|

" grammum intermedium , qualis e

ak.
. Propofitienes.
Propo.1. Theore. 1

Sifucrint dus recle quarym altera fece-
tur sn quotcunque fegmenta, veclan-
gulum fab duabus illis rectis conten-
“#ums aquale erst omnibus imul recti-

gulis
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\ gulis,quefubinfecla & partibusiince,

Jeile continentar.

Sub re&is

] AB, AC conti-
! ' neatur  rectan-
" : gulum AD, re-

i

que dmlfa in E & F, ducantur FH &
EGipfi BD, paraliciz; eruntque AG,

EH,FD,re&angula; namangulus EGH
ipl C belt zqualis,& omnesalios facile
cft oftendere alicui recto efle 2quales,
Manifeftum eft etiam recangula par-
tialia AG, EH, FD, fimul fumpta toti
reangulo AD efle zqualia:nam s om-

* nes partes fimul (umptz toti funtz-
quales. Ethoc tantum vult propofitio.

Nam AB,AC,funt duz rectq; quarum
AB,feQaeft vicunquein E & F: often-
fum cft autem retangulum ADipfis

AB, ACcatentum, ¢quale effe te&an-

gulis partialibus quz continentur {ub
infe@a AC & yarubus linez fet¢ AB:
retangnld enim AG, continetur (ub
infe@a AC & parte AE; reliqua vero
EH FD, continentur (ub EG,FH(hoc

C &ique ABveci-

eft




4
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eft fubinfe@a AC iphis zquali) & reli-
quis partibusEF, FB. Siergo fuerint
duzereda. o o
Tdem videre est innumeris.Sienim detur
dwonumeri 4 ¢ 10,6 abter corum puts
10 dintdaswrinquotals partess, 3, 2, ex
multiplicationc 1pfius 4 in omnes parsess,
3,2, fient 40.ficus ex multiplicatione einf
dem 4 in totum numerum 10, -

Propo.z.  Theore. 2.

Si recta feclafit vtcumque : recangula
- fub tota & quolibet [egmentorum
comprebenfa, equaliafunt &5, quoda

\ totafit,quadraro. o

A E € Re&angulum AB,
fit quadratum ‘rez
AC, re&tique ACvt-
eumque diuifd in E,
ducatur EFipfi CB pa~
p  F B rllela, & manifeftum
" sft,vt prius, reGan~

gula partialia AF,EB fimul fumpta,toti’

. ABe!T‘e zqualia, Nequealiud vulepro-
pof.mo.Nam reta AC vicunquefedta
eftin E; reQangula autem AF, EB;

. . X . . cone--
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contenta fub ADEF (hocelt fub tota
AC) & fuh paruibus AE, EC zqualia
funt quadrato totius AC,quod et AB.

Siergo reCtad&ec.
T numevis: firo diwidatnr in dmas partes

7 & 3,ducendo 10in 7, €43 fient70. &
30,qn4 fimul aqualia, siés numere quadra- -
20 ipfins 10 gus efF 100: dicimus enim nu-
merum quadratuns qui fie ex dultn cuinl~
wis numers in feip/um.
Propof 3. Theore.s. 7
Strecla fecta (it vscunque, rectangulum
Sabiota ¢ umo fegmentorum com-
prebenfum equale el illi guod fubfe-
gmentis comprehenditar reciangulo-
vna.cum quadrato, quod dpredicto
[eemento deferibirnr.
' Re&a AE vecun-
que feceturin C, fit-
?ueAB, quadratum
egméti AG, re@an-

A C

2

e gulum vero AD cé-
b B D incatur fubrota AE
& fub AF hoc eft fub zquali AC; &
manifeftum et ve prius re@angula AB,

: CD
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CD fimul fumpza,toti AD efle ¢qualia,
Nequealiud valthzc propofitio.Nam
re&a AE vtcunque fectaeltin C, & re-
Gangulum AD,{ubtota AE& AF hoc
eft {ub parte AC, aquale cit ipi AB
quadrato partis AC vna cum reftan-
gulo CD, quod continetur {ub CB
( hogeft fub parte AC) & fub reliqua
parte CE. Si ergo retta &c.
In numeris fi 6 dsuidatur in 4 €8 2, prodmn-
S Sum ex6ing beceft 24,¢quale eft ciquod

fitexgin ¢ bocest 8, vna cum quadraso

ipfins 4 quodesi 16.
Propo. 4. Theore. 4.

'Si recla fecda fis vicunque , quadrasums
guod atora deferibunr equale ef? feg-
MENLOTUIR QUAATALIS, UBA CUm Te-
Clangulo quod bis fub fegmeniis con-

sineiur.

Re&angulom AB fit quadratum ip-
fius AC; du@ique diametro DC, aga-
tor EFip6i CB parallela, fecans diame-
trum vicunque in G, per quod idem
pun&um agatur HIiph AC parallela:
& manifetum ¢fk veprius quadratom

: B
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ABtotius AC, cffe zquale ommbus

-Bwul re€tangulis intra: fe defcriptis .

A E ¢ Negue aliud

—2 vult propfitio:
. I G Nam recta AC
H‘ ¥ {e&aeft vicun-

que in E,& cius
quadracum AB
: . gquale eft !pﬁ's
D ®.OB HF,EI (quz sit
quadrata fegmentorum AE,EC) fimul
cum reangulis AG, GB,qug funtre*
cangnlom bis comprcbcfum fub par-
tibus AE,EC.
Re&angulaautem HF,EI, cﬂe qmdta-
tapartium AE,EC (ezﬁ ex conftructio-
ne & definitione quadrati fatis poterat
colligijticdemonttro. Quiare&tz AE,
GH, DF iungunt parallelas zquales,
funca & ipiz inter (e zquales. Itéfidb
zqnahbus AC,BC auferantur zquales
EC,!C, qug remanent AE,Bl& qua
huic pares funt GF,HD, omnes integ
feerunt zquales. omnia igicur latera
parallelogrammi HF, zqualia funt par-

tiAE, (untqucomncsanguhre&l,nam ,
quiaHDF re@tus eft & redus etiam ~

GFD
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GFD (cum fit 2qualis ipfi B)etid b op- 4 34, 1
pofiti reliqui erunt reéti. £t ergo HI
quadratumipfios AE. Similiterque o-
ftendetur EI effe quadratum parus EC.
Etficdemonftrata eft tota propofidio.
Innumeris: Si 6 dinidmur is 4 & 2; qua-
dratum ipfins 6 qued eft 36 equalc ei? qua-
dratis partinm 4 & 2 hoc e$16 @ 4, vnd
cum numero 8 bis repetiso qus fit ex parts=
o w2 gqinter femultiplicatis.

. Propo.s. Theory.

St redlafeceturin qualu & non eqn

i reﬁangalum b m.zgm/zﬁm‘/e-

qOIEtis totius mmprebenfum. yna ol

quadratofegmentiintermed; equale
eff ¢, quod a dimidia defcribituy,
quadrato. _

. g Reda
A QS __DE A% bifa
. N f ¢l riamin C,
L ™M [ K & non bi-

. 5 favidin D

= e — dinidatur;
K * & fupct

dimidia CB fiac quadratii CE dudiq;
diamé-




- 3¢,

1,

diametro
A_ c b D - FB agatur

| e 1) re-
L MFN/'// H 33Dki;-
/ - iBE pa-

rdu——  rallela, fe-

F K o £ cans dia-
metrii in G,per quad pun&iagatur LH
ipfi AB parallela,& ad-Gigaturredta AL

gulum AG fub ingqualibus fegmentise
AD,DB,hoceflt DG,contentum, vna
cum MK quadrato med;j legméti CD,
zquale quadrato dimidig CB, quodeft
CE.Namre@angulum AM zqualeeft
ipt- DE.cum virumqueipfiCH4 it z-

" quale; czteraautem nimirum CG & .

MK funt communia. Quare {irea
&ec.

 Innumeris: Digidatur numerss 1o equa-
licerin § & 5. inequaliter in 7 (3 3; ita ve

nnmerus medius inter [elliones fit 2: quo
dimidins numerus fuperat 2 partem mino-

© ¥Eexinaqualibusieritg, numerus 21 cx 7 in

3 via cum quadrato numevi sntermedij 2
guod eit 4, equale quadrato dimidij g,

Ien 25.
Corol-

:TYZL.‘-_;I e 4

.(T.

ipli BH parallela. Quo faéto exit rectd- g

T Ry gy

R _l.._. ‘-n--——‘l' I'. —!
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Corrollariam,
&z bis manifestum eft gnomonem NOP

toti reSangulo AG effe equalems; guando-

guidem C fit commune , & DE relique

rellangulo AM fitaqmale .
Propofitio 6. Theore. d. . |

Sireitabifariam fecetur esquein recluwi
quadam relia adijciatur, erit recia-
guliifubtota ciiadiecia, & fubadicéla
contentis, wna cii quadrato dimidse,,
aquale ei, qued & dimidin cum parse.
adseciafir, quadrato. '

A ¢ B D . Reta AB
' 5 bifariam fece-
N \\ " turin Ceique
' M in reGtum ad-
* L L’P/ ijciatur B D:
' inde fuper re-

G F &a CD. ﬁat‘

E :
quadratum s CF & per Bagatur BG pa-
pallelaipfi DF, fumptique DH 2quali
ipfi DBagatur per Hreéta HK ipfi AD
parallela & zqualis, iungaturque reéta
Ak: gquofatto demonftraur pr%ﬁog
e < fitio

.
+ b

46, 1.
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fitio. Nam quia reftangula AL, CM,
funt ¢qualia propter & zquales ba-
fes , & eidem CM =zquale eft
alterum complementum :MF, erite-
tiam MF 2zquale ipli AL & additis c¢5-
munibus CM,BH,gnomon NOP teti
re¢tangulo AH zqualis fiet(quod fand
re&angulum continetur fub tota com-
pofita AD & parteadie®ta DB cui DH
zqualis fumptacft)fed gnomon NOP
adieGo LG quadrato partis dimidie
CB,vt fupra in fimilid oftendimus, fit ¢-
qualis quadrate ipfius | CD, quz et

pars dimidia cum adieta BD. Igicur

parallelogrimum AH adie&to eodem
quadrato LG fiet¢ zquale eidem qua-
drato CF, quod erat probandum.

In numeris : fi 6 dinidatur aqualiter
ing & 3, cique addatur 2; mumerus 16
(qui fit ex tote 6 cums adicilo , in ipfums
adicllum ) vna cum quadrato dimidif,
guodest g equalis eff quadrato ipfius 5 qui
numerns componitur ¢x dimidio 3 & ad-
delto 2,

%

Pro- -

|

@ e ————— e ——— s . <+
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Propof.7. Theore. 7.

i yela vtcwnque fecetnr, quadratato-
1 & vtysufuss fegmets fimul fump-
24, paria fwns-eclangulo bisfumpto

ﬁb tota gy diﬁo_/egmmm, vna cum
adiuncio alteriusfegmenti quadyaty,

Re&a AB fe@afit

A < vicunque n C & fu-

i per AB, fiat quadra~

& K31 M tom AE,ducanturg;

/

CL.kM; vtin fupe-
riori propofitione: -

b L| |E-fumpid deinde LF

¢qualiipfi CB,adda-

F G turquddratum LG.

Erunt i(gitur quadratum totius AB,

quodeft AE fimulcum quadrato feg-
menti CB, quodelt LG, zqualiaare 4 15, ax.

&angulis AM,MF( quz (fumuntur fub

tota AB & fegmento BC, cum BM fit

ipfi BC zqualis, & in rectangulo MF

zqualia latera fint MG, GF, ipfis AB,

BC) vna cum quadrato alterius fegmé-

X tiAC quod eftkL. Siigitur recta &ec.

Innumeris: fi 6 vicunque dinidatur in

4 G 1 quadraiwm 1otius 6 vua chm qua-

i Fa drate
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draso ipfins 4,equaliafuns nwmerd §2 gui

fit ex pumero 6 bisin 4. vnacum quadrase

alserins partis 2 quod est 4.

P’ropo‘g; Theore: 8.

&1 recla _fecernr vicungue,reclangulums-
guater comprebenfim fub tota &
U0 fegmentoram,vis ckm alierins
partis quadrato,equaliafunt quadra-
10 quod 1is atota ¢ fegmentd 5 tam-
guiam abona lines.

& c B D Reda AB e

] cunque {ecetur

Y I 1 in C cutaditcia-

_ / R tur in re@um

Li—g M BD ipfi B C2-

_// qua'lis,ch fup;t

AB & ad-

SR I ;.;:21:'0 fegmen~

E HGPF . 5D eouli

ipi BC fiat tanquam fuper yna(lrin;i

gnadratum AF,ducanturque BG, CH,

Tk.LM, lateribus quadrati AF paralle-

I¢.icvi DK KMiphs BD, BC fintz-

gua]es‘. Eruncfaneingnomd OPQure-

angula gnatuor contenta fub reéhs
AR

R Zlwn
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AB&BC.Nam circa R conflituta funt
- quadrata quatuor, quorum latera om-
niaipi BC funt ¢qualia; fiigitus vni-

cuique ex quatnor complementis AS,

& fimilibus, adiiciacur fuum quadrati,
inuenientur in gnomone OP Q qua-
tuor vt dixire@angula gqualiaipfi AR,
" quad continetur fub AB, BR hoc e@t
BC. Eltvero gnomon OPQ feu qna-
tuor rectangula fub tota AB & fegmé-
to BC cum adiun@o EN quadratoal-
terius partis AC, azqualis quadrato
AF, quod fit fuper AD. Siigiturre@a
& >

" In mumeris 6 vicunque fecetwr in 4
& 2.ducendo guater namerum 6 in 4 &
addendo quadratwm ipfius 3, fies nymersis
aqualis guadrato ipfins 10 qni numerns
cemponitur exiot0 6 & paricq.

Propofitiog. Theore.9.
Sireciafecstur per aqualip ¢ nonaqua-
lia, quadrata partium inequalsum
dupla ﬁn:zmdrdtomm ab vmo di-
midio, G ab ea linea que [ectionibns,
interijcitar , deferiptorum .
o F3" 'Reda

-

]

. ax
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B Re&ta AB fece-
tur 2qualiter in

ARN, C.ingqualiter in
D; fuper qui ad.

\ C erigatur CE
A C D B perpendicularis,

- &ipfiCAvel CBequalis, duciturque
AE,EB,itéq; DF1pfi CE,& FGipi CD
parallela ac denique itigaturrecta AF.
Iam vero quiaintriangulo ACElatera
CA CE zqualia funt: angulis CAE
AEC pares erunt: eft autem angulus
ECA rectus: duo ergo alij funt femire-
¢i. Similiterque in triangulo ECB an-
guli CBE, BEC, femire&i funt: totus
ergoangulus AEB retus eft. Cumqne
intriangulo EGF, angulus G re&us fic
& GEF femireétus, erit etiam angulus
#6.1. GFEl{emiretus. Quarclatera GE,GF,
(TN S zcﬂualcs angulos fubtendentia,funt¢-
qualia. £qualis eti vtriquecelt re@a

‘€D, cum CF fit parallelogrammum:

Quare fiab zqualibus CE CB auferan-

tur zqualia GE,CD,re&a CG, hoceft

DF,ipfi DB erit zqualis. - .

Hisintelleis ic breuiter colligitur
propofitio,Quadrata partium inzﬁua-

um

.S |
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lium AD,& DF fiue DB, 4 zquinalent 447,
quadratoipfius AF, & hoc quadratum

8x AF zquiualetijs quz fiuntab AE,

EF: Sed harii quadrata dupla {unt qua-

dratis reGarum AC dimidiz, & CD
partis fe&ionibus interieétz;cum enim

AC, CEfintpares, & AE det quadra-

tum veriufque quadratis zquale, efli-
‘ciet duplum quadracoipfius AC; (imi-
literque EF dabit duplum quadrati ip-

fius G F feu CD. Quare quadratum ip-
fius AF, & partiuminzqualiom AD &
DF, hoc¢eft DB dupli funt quadratorii
ex AC CD;partis (cilicet dimidig & li-
nez fe&ionibusinteried. Siigitur re-
fa &ec. ,
. lnnumeris: NAmerus 1o dinidatur -

Yualitering €8 5 ingqualiter ing & 3, s~

que intcrmedia [eltio2, vt prop.s.Quadrasa
£Y0049 & 9 pattinm ingqualium 7 & 3,
Junt dnplum, quadratoram partisdimidia
§ & feltionisingermedie 2.

& (634

-

R
oy

F4 Pro-
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- Propofitio ro. Theore. 10

¥ reils fecetur bifariam ¢ in redlum
alia aiiciatyr , quadratum quodfie
a toracum adiecia, fimalcumco guod
fit 4 [ola adikcia, duplum fums qua-
drats quod Bt & dimidia, ¢ alserius
qued & dimidia & adiuncis defm

bmlr
ch&a AB, blfamm fecetur in C,ad-~

* ie&iBD, cui ad C erigatur perpendt- -

cularis CE,dimidig AC zqualjs, perfi-
ciaturque parallelogrammuom ED, du-
Qaque EB, occurrat lateri FD produ-
&o1nG,iunganturque AG, AE ,eritg;
angulus » AEB conftans duobus fem#
retis, vein fimili oftenfum et prop.
prox.Quare & angulus EBC femire-
Guseit: fcmlrc&usbquoque DBEG op-
pofitas ad verticem, quare & DGB fe-
mire&us erit,& laterac BD,DG zqua-
lia. Equaliaitcm crunt l4eera FG, FE,
qua anguli ad bafim EG funt pares.
His pofitis quadratum dex AE eritdu-
plum quadrato dimidi¢ AC, & qua-~
dramm ex GE duplum quadratx ex EF,

hod ‘

R e el VP e o PP

JR U Ny
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hoc eft ex dimidia CB cum admn&a

'BD Sed& ipfius AG quadrgtum zqui-

valetqua-
E P dratis dua.

— = rum AE, .
’ I EG; &

' ' quadrati
< D X totaj

Bcum ad-
iidta BD
G yna cum
quadrato

‘ex DG, fen adiun&a BD ¢quinalet qua~

dratoex AG. Quare harpm linearom
AB.BD quadrataduplam quoque funt
quadratomm ex AC&.CD. si xgltur

relta &e.

| In wwmeris: Dinidatur § equaliterin
3 €4 3, esq; addatur 2,0t fit numerss com-
pofisns8; quadrata igaur ipfins 8 &3 adic-
ﬂl z,duplum Juns quadratorum dimidif 3,
© wumeris Qi conftas dimidio ¢ adiclla.

W#éMb-ﬁM'ﬁ-&M

e

-Pl;oP-.
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Propo. i, Proble. r.
"Datam rectamita ﬁcare s Vtreciangu-

lum fubtota & alserofegmentorums,
aquale fit quadrate quod iy a reliqua

pﬂ‘t().
C B Sic date
' reta A B
) - € ___H jta fecanda .
/ vt re@igu-
lom {ubto- -
ta & feg-

D E- A X mento aﬁ-

tero,¢qualefit quadrato partisalterius,

Fiacigitur fuper AB quadtatum AC,
- - divifoque latere AD bifariam in E du-
catur EB cui ¢qualisfiat EI latere DA
produco:fiatinfuper quadratum fuper
Al quodfit GIproduétolatere HG in
F:eritquerecta AB diuifa vt oportuit;
fiquidem re&angulom CG fub tota
CB fea AB,& fegmento BG gqualeeft
quadrato GIquod fitd fegmentoalte-
ro GA: quiaenim DA fe®a et bifarid
inE, eiquein retum additaet AT erit
re@angulum 4 fub DI, Al hoc eft ip-

a6 2z
fum
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fum DH vna cum quadrato dimidiz
EA zqualequadrato ipfiusEl, feu EB.
Eftvero quadratum ipfius EB b zquale & 47.%
quadratis ipfarum AB AE. Vnde re-
&angulum DH cum quadrato ex AE
erit etiam ¢quale quadratis earundem
AB & AE.Ablatoigitur communi qua-
dratoipfius AE erit retangulum DH
zqualequadrato ipfius AB quod eft
AG; & rurfus ablatoabhoc quadrato
& re&anguloDH,communi re&angu-
lo AF, re@angulum CG relitum ex
quadrato , zquale erit quadrato GI
quod reliquum eftex re@angulo. Da-
tam igitur re¢tam ita fecuimus vt re®a-
gulum CG fub tota AB & altero feg-
mento BG, quadrato partis altetius
G A eflet 2quale,quoderat faciendum.

Propofitioza. Theore. 1. |

Insriangulo obtufangulo quadratumls-
teris angulum obtufum [ubtendentis
tanto maius e} quadratis laterum

 eundem avgulum continentium,gnhe
tum eft rectangulum bis compreben-

Sum fubunolatere sontinente, t’yl;ﬁlb -
_ nea
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 Limeaextrinens affimpta ad cwing
extremum cadit perpendicularis du-
(2s ab alsero angulorum acutorsm.

In triangulo
ABC angulus
ACB fit obtu-
fus, productoq;

latere BC, exA - ‘
) demittacur AD,
B C D gerpendicularis -

ipiB C, cadens
in D:Dicoigitur quadratum lateris AB
obtufo angule fubtenfi tanta efle ma-
ins quadratis laterum continentium
BC,CA, quantum eft re@angulum bis
comprchenfum fub BC & re®ta CD
extrinfecus fumpta,ad cuius extremum
exacuto angulo A cadit perpendicu-
latis AD, Quiaenim re&a BD fe&a eft
vtcunque in C erit# quadratum ex BD

* #qualequadratisex BC CD,& infuper

re&angulo bis fub BC,CD comprehé-
fo: additoque virifque quadrato re-
&¢ AD erunt quadrata ipfarum BD,
D A ¢qualia quadratis trium re@arum’

BC,CD, DA, vaacum addito recan-

: _g‘ul.q

e ————————— e
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gulobis fubBC, CD, contento. Sed s 43, &
quadratum re&x ABéaquivalet qna-
dratisie&tarum AD, DB. Igitut idem
quadratum re&z ABzqhiuvalet etiam
_ tribus quadratis retarum 8 C, CD,

" DA, & re@angulo bis fub BC,CD ¢6-
tento. fam vero quia quadratom re&2
ACzqualeelt quadratis iplaram CD
DA, erit quadratum re&tz AB zquale
quadratis re&tarum CB, CA & re@tan-
gulo bis contento {ub BC CD. Intsia-
guloigituc obtufangulo &e.

Hac ¢ fequens prop. ad cas proporeio~
wesextendisnr , qua numerss exptiminok

poffunt.

Propo. 17. Theore. 12.
Ih 17iangslis acutangulis quadratum ls-
terisacwto angulo fubtenls tanto mi-
#i#s eff quadratis laterwm continen-.
tium ewndem angulnm, quantum off
vetlangulum bis comprebenfiom fub
Uno latérum continéntism ¢ fub
affumpsa interins limeapropeacutam +
angulum ad cuins exsrenmnm cadit
Ptf'.'
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 perpedicularis aboppofito angule ducte.

In triangulo

A  ABC angulus
C it acutus,
ducaturque ex
A re@ta AD
perpédicularis
B D C ipfi BC. Dico
igitur quadra-

tumipfius AB angulum C (ubtenden-
tis, tanto minus effe quadratis ex BC,
CA:quantum eft re@angulum fub BC
DC bis contentum . Quija enim recta

" BC vtcunque fe@ta eft in D quadrata

ex BC,CD paria funt re&igulo bis {ub
BC, CD, vnacam # duobus quadratis
exB D D C; fed duobus quadratis re-
Garam CD, DA par et  quadratum
ex GA:duo igitur quadrataex BC,CA,
pariafunt etiam re&angulo bis com-
prehenfo fub BD, DC & duobus qua-
dratis ex BD, DA. Iamvero quia qua-
dratis ex BD DA, zqualect¢ quod fic
ex AB;eriit quadrataex BG,CA, ¢qua-
liare&angulo bis contento fub BC,
DC & quadrato re@x AB. Quare qua-

dra=
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dratum ex AB tanto minus et quadra-
tisex BC, CA, quantumeftreangu.
lum bis fub BDD C contentum,ln tiii-
gulis igitur &e.

Propo. 14. Proble. 1.

Dato reclilinco equale quadratum de-

fers bere.

.
, B T ® \
" p =y

Sitdatum re@ilinenm A cui fiat s2-
quale parallelogrammum BE; in quo
filatera B C, CE funt ¢qualia, ipfom
erit quadratum ?ualc petebatur,
Quod fi latera non funt zqualiaalter-
utrum puta BC producarur in F, fic
vt CFipfi CE zqualis fit,fe@tigue bi-

4 45 L

fariam re&i BFinG, centro G, fpatio .

GB fiat femicirculus BHF, protrato
latere EC viquedum fecet circulumin
H:eritque quadratum ipfius CH,¢qua-

le
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le dato reilineo A. Duci enim refla

GH, quia re¢ta BF bifariam fe@aeftin
G & non bifariam in C,erit reGtanguld
fubBC CF, hoceft s teGtangulum BE,

~ cum quadraro ipfius GC gquale qua-

drato ex GF vel GH, quz funt linez -
quales. At quadrataex GC¢ CHvalent
quadratum ipfius G tI; eadem crgo
quadrata ex GC, CHvalent fetangu-
lum BE cum qbadrato ipfius GC: reli-

- &oergo communi quadratoreéte GG,

quadratumipfios CH valebit re@an-
gulum BE quod abinitio faGum eftZ-
quale redtilineo A. Quadratum ergo
ipfius CA, zquale erit reilineo A.Fa~
&Qoigitur quadrato fuper CH, confti-
tuerimus quadratum daroreilinéo 2+
quale, quod erat faciendum.

e o — ——
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Definitiones.

1 Equaleécirculi (unt quorum dia~
metri vel & centris lineg ad ambitum
duéke, funczquales.

A : c B 2 LineareQacir-
’ culum tangere di-
citur quz cum tan-
gat, produéta lon~
gius circulum non’
fecat. Talis ¢ff linea

' E 4B qua cum tangat
circulum CDE in puntto C, produtla lo-
. ginsenm non fecat.
3 Circulife tangere dicuntur quicd
fe tangant, fe tamen mutuo non fecit.
Tales (unt cirenliCDE, CFQ.

4 Incirculo a:quahtcr diftare 3 cen-
G . tro
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A ¢ trore&zlinezdicun.
tur cum perpendicu-
laresd centro ad ipfas
G du&= (unt ¢quales,vs
linee AB,Cl equaliter
B3 distar a cemtro D, quia
perpendiculares D E,
DF,acétro D ad’pfas dutle, funs aquales.
/s Segmentum circuli eft figura qua
fub re@a linea & circuli circumferen-
_ tiacontinetur. Talis ¢t figura contenta

" vella A B & circumferentia BC.
6 Segmenti angulus

. eft quirectalinea & cit-
P mm— | peripheria contine=
A B - )
tus, Tales fune angsli -
AcrB.

7 Infegmento au-

tem angulus eft cum

in fegmenti circum-

A ferentia fumptii fue-

C  rit punftum quod-

piam, & abillo ad linex terminos re-

&s fuerintadiunétz. Sic angulus ABC
eftin fegmento CBA. k

8§ Cum vero comprehendentes an-

gulum datz linex afumunt periphe-

riam
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A riam, illi ipf af-
{ fompra periphe-

riz angulus indi-

B citur fiftere. o
angulm D.AB di-

D citur infislere cir-
cusuferciia DCB.

c 9 Scitor autem

» circulieft com ad
1pfum circuli cé-

D > tra angulus fue-
ritcoftitutus.ut f

c ad centrum A fit
conflitusus angulns

BA4c, ﬁgxm BACD dicersrfellor circuli. .
10 Similiacirculifegmenta funt quz
angulos capiunt zquales;autin quibus
anguli {untzquales.

‘Propofz‘twms.

Propof' itio r. Proble. =
Daticirculi centrum reperire,

In circulo A B C ducatur 1etaAC
vtcunque, qui bife@iin s D, peridem
pun&tuom D agatur perpendlculans
BGactingens verimqueambitum. Di- ¢« ©
uidatur cdeinde reta BG bifariam in E

G2 erite

410, 1,

e 10, Ig
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eritque pun&omE
centrii circuli. Non
enim eritaliud’pun-
&nm in ipla BG,
cum centrum non
peflic in vlla linea
D effenifi vbi fecatur
a . bifariam.Sed neque
extra retam BG. Fac enim efle in F du-
cnaturque FA,FD,FC;probabitur fand
‘angulum FD A effe re@um;nam in triz-
gulo ADF, CDF latera AD, DFfunt
@qualia lateribus DF, DC & bafis AF,
- bafi FC, cum vtraque ducatur ex cen-
tro Fadambitum. Eruntd ergoanguli
FD C,FDA zquales, & proinde recti.
Hoc autem effe non potelt; nam angu-
lusEDA re&us eft. Maior igitur re¢o
e} FDA. Noneft igitur Fcentrum; fed

' neque alind puné&tum extra re@iBGy

Datiergo circulicentrum eft E.
Propofitio 2. Theore. 1.
Siin circuli ambitu duo punita fuman-
tur, recta ad illa puncta duclaintra

circalum cadet.

Sumantur pun&a A & B,.& ex 4 cen-
tror
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troinnento C ducanturrectz CA,CB,
CD, Dico pun&um D & quodlibet 2-
lind re&tz AB cadere intra circulum.
Quia enim CA CB pares funt, parese- ;
runt angulié A& B eritque angulus ® 5- ©
CDB maior oppofito interno A; qua-
re ¢ malor etifangulo Blatus agitur CB < 16.1.
fubtendensdangulum maiorem CDB, d 1% L
maius eft latere CD fubtendentemino-
tem angulum B. Latus tamen CB ti-
tum pertingit ad ambitum, quare CB
) © quodeft minus,ad
ambitum non per-
tinget.Non eftigi-
l tur punétum D ex-
A < tracirculum;quod

idem oftédeturde
quovisalioinre®ta AB , fi ergoin cit-
culi ambitu &c.

Propo.3. Theore.z

Siin circulo reclaper centrum ducla a-
liam non duclam per centrum fecet

. bifariam, fecabit quogque ad angulos
reclos. Etfi adreclosfecet, fecabit bi-
fariam.

Re@a AB per centrum E dudta, fe-
Gz cet

~
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A cet CD bifariam
] in F, ducantur ¢

ED. Quia ergo

CE, CF, =qua-
A lia funt lateribus
p—_|_~< DEDF, &bafis
communis, erunt

P
sanguli EFD,EFC zquales, ac proinde
Ic&lo )

Quod fianguli ad Fre&i fint; cum’

latera EC,E D trianguli ECD pariafint,
erunt in triangulis EFC, EFD duo an,
guli C & EFC duebus D & EFD ¢qua-
les, & laterab EC, ED angulis o ppofi-
ta funt gqualia: zqualis ergo eit bafis
FCbaiFD.Siigitur in circulo &c.
Propofi. 4. Proble. 3.

" Siin circulo recle fé fécent non per cen-

trum ambe ducle , nonfecabunt fe
_mutuo bifariam.
Sienim per centrum tranficvna,cer-

tum eft eam bifariam non fecari, cum
non nifi in centro poflit fecari bifaris,

& alteraex hypothefi per cencrumnon

tranfeat, Quod fi neutratranfic per cé-
; trum

centro re&tz EC,

N P AR
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trum, vtinre&is AB, CD, intga circu-

lum ADB du@i i centtoErcQAEF, fi

vti tnvis, in pun&o F fecantur ABCD

bifariam erit an-

gulus EFC re&us,

c cum & altera per

\ 5 centrum duéta fe-

B cansalteram extra

‘ centrum bifariam,

D fecetad re@os:fed

ob eandem causam angulus EFBre&us

erit:pares ergo effentanguli EFB,EFC,
pars & totum, quod fieri nequi,

Propo.§. Theore. 4.

Sidus circuls ¢ mutno fecent non habe-
bunt tdem centrum.

A Citculotd ABC

ADC fe mutuo in A

& B fécantinm figidé

centeum E i fieri po-

teft; ducanturg; EA

B d centro ad alterners
c fe@tionem, & ED fe-

cans vtcunque vtrumque circulum in
pucis D &B.Quiaigitar circuli ADC
cétrum ponitur E,erunt EA, ED gqua-
G 4 les

s 3 I
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les, & quia cigtuli ABC idem centrum
poniturt, erunt EB EA ¢quales; ergo
&inter feelsét ¢quales ED,EB pars &
_totum, quod cflencquit, Si ergo duo
circuli &c. - ’ '
Propofitio 6. Theore.§.
Si duocirsuliinterius fétangant , nen e-
vit corum idem centram.
Nam & duo cir-
culi fe interius . tan-
gantinA & puten-
tur habere idem cé-
trum E,duis re&is

E A, & alia vtcung;

EBad circulum AB,

oftenderur vt fupra

ED & EB, partem fcilicet & totum, =~

qualesefleipfi EA: quodabfurdumeft.

Siduo ergo circuli &e.

, Propo. 7. Theor.s.

In diametro civeulifi alind & centro pis-
Clum accipiatur, quo recleplures in
circumferentiam cadantsmaxima e-
riteaqua per centrum ducitur; miwi-
ma reliquum eiufdem linea: aliarum
vero major ff ea que tranfeunti per

cen-
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centrum eft propior, nequepluresqui
duze agquales duci poffunt incirculum
ad- virafque parses ipfins minime.

d fumatur pun&um
C aliud 4 centro

> D, ducanturg; vt-
ciq;retx CA CE,

™ < ‘CF, CG. Dico ma-
' B ximam carum cfle

CA qug tranfit per centra D, Dudtise-
nin re&is DE, DF, DG quia trianguli
GDClduolateraGD DC, quibus¢qua-
liset AC,maiora erunt s reliquo GC.

- Maiorergoeft AC quam GC;eodemg;
- modo quibufuisahjs ex C ductis ofte-

detur effemaior.

2 Deinde quialateraEC,ED,maiora
funtreliquo ED cui 2qualis et BD, i
commune auferatur CD, latus CE ma-
ius remanebit qudm BC, & pariratio-
ne oftendetur BC reliquis ex C effe
minorem.

% Rurflum quia in triangulis GD C,
D

C;duolateraGD,DC,duobus DF,
DCparia funt, & angulus GDC ma-

10T

Indiametro AB .

20,
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A ,
ior quam FDC,etit
- balis s GC, quz
D propior el ipfi
F CA, maior remo-
' : tiore CF.
2K 4 Deniquefi an-
B + gulo EDB =zqualis

ponatur BDH ducaturque CH,in trii-
gulisEDC, HDC erunt bales CE CH

2quales, cumanguli CDE, CDH, &

laterae continentia fint ¢qualia. Neque
vero plyres poflunt duci ad partes mi-
nimz BC ¢quales prioribus. Sienim
cadant intra pun&a EH, remotiores
runt i reta CA, ac proinde minores
ipfis CE CH.Siautem ducantur extra
puncta EH: erunt propiores ipfi CA
acproinde maiores. Si igiturindiame-
tro &c.

- Propo.8.  Theore. 7.

Siextra circulum fimatur puniinm
quodpiam, & qme ad circulums ducars.-
tur reCie quadam linea,quaram vna

Qercentrumiranfeat, catcre vt lnbet
ducan-
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ducastur , vellarum que ducsmtnr
ad canam peripheriam maxima erit
gue pey centrum ducitur,¢ que husc
propinquior, maior et rematiore. Ex-
tracireulii vero minima que ab af-
sipto pitclo ad diametrii 1édit,&r que
buic propior, minor eft remotiore, &

- dne tantum lines aquales cadunt ab

ab eo punito in circulum ad partes
mintme velmaximea,

E .

" Extra circuli
ABCD fama-
tur pun&umE,
aquo ducantur
quotuis reétz ,
quari vna EA
per centrum F
tranfeat, cetere
vero EB &ec.
velubet cadant
in cicculum.Di.
co t. re@arum
quz ducuntur
ad cencauiicir-

culi, maximam

efle
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efle EA quz tranfis centrum F. Dult.
enim ¢ centro re&a FB, trianguli EFB
duo latera EF, FB zqualiaipl 4EA ,
maioraerunt latere EB, & fic de reli-
quis. ' . .
2 Maior elt etiam EB quz proptor
eftipfiEA quam EC autaliaremotior.
Nam quia trianguli EFB la;cra EF_ FB
zqualia funt lateribus EF, FC, trian-
guliEFC, & angulus EFB maior quam
EFC, maior berit bafis BE, quam CE.
3 Dudisreéis FH, FI,FK, quia trii-
guli EHF maiora funt duoclatera, FH
HE reliquo EF,fi auferantur zqualia
FG Ft]l,maiot manebit EH extra circu-
lum, & reliquz EIEK, quamtEG.
Minima eft ergo EG, quz ad diametrit
G A ducitur,
4 Quiaintratriangulum EIF ducun-
turre&tz EH, HE erunt ha 4 minores
ipfis ELIF, ablatis ergo zqualibus HF,
IF adhuc minor remanebit EH, quam
EI, & ob eandem cauflam minor eft
Elquim Ek, quare minor eft femper,
quz minimz eft propior.
s Denique angulo HFG, fi zqualis
fiat GFL, ducaturque LE; quiatrian-
gula
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gula EHF, ELF latus habent commu-
neEF, &alterum HF alteri LF zquale,
& parem angulum contentum lareri-
bus, eruntbafescEL EHzquales. Ne-
que plures his duabus zquales duci
poffunt exvtraque parte minimz EF:
nam aut propiores erant aut remo-
tiores A minima EF, quam fint EL, EH,
quare hisaut minores erunt aut maio~
zes. Siergo extra circulum &c.

Propofitio 9. Theore. 8.

Si abaliquo intra circulum punile plu-
resquam duarediz equalesad 47){5:'-
tum ducaminy, ilpuniium centrum
est cirenls,

B ‘ Expuncto A in<

tra circulum BCD
ter reftas AB,
F A PI'Z €r rectas

; i AC,¢quales, fic iif-
\ dem zqualis AD,
CE D dudifq; redis BC,
— CD, divililquebi-

fariam in E & F,ducantnrad ambitam
re&tz AE AF. Quiaergo triangolorum
ABF AFC latera duo f{unt zqualia e-

fung

¢ 4 1,
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runt angulisad F zquales & redi, ré

_Gusitem adE. Qnia ergo AF rectam

BC diuidit bifariam ad re@os, in caeft
centrum cicculi, 8 ob eandem caufam
cltetiaminre@®a EA centrum circuli:
Non poteft ergo centrum aliud efle
quam A, quia folum pun&tum A eftv-

trique AF & AE commune. Siigi-
. tur &e. ‘

Propo.10. Theore. 9.
Circulus circulum in. pluribus qua duo-
bus punilis non fecat.

A~ 3 Secent fe fi

fierijpoteft, cir-
culi in- tribus

pundtis A,B, C,

centroque Cir- -

culi ABC inué-

¢ tosquod it D

ducantur retz D A,DB, DC:queg quia

zquales funt, & attingunt etiam ambi-

tum circuli ABE, fequituré pun&um

D efle etiicétrum circuli ¢ ABE,quod

abfurdum e@. Non ergo fécabune fe
circuli in tribus pun&is.

Pro-

[
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Propofitio 1. Theore. 0.

Siduo cirenlife imterius contingant reils
Coninngens eorum centra producia
tncidet i contallam circulorum,

Circuli ABC,
A DE interiusinA
fetangant: dico re-
{tam qua  ducituc
per centra F& G
qualis et FA, cade-
rein contaltum A,
Nam 6 fieri poteft,
re&a coniungens centra it IBK, inqua
centrum circnli ABC fit], & alterius
H,iunganturque re&¢ AH, AL Quia
ergo AH, HI reliquo latere Al4tunt
maiora, & proinde maiora quim 1B
quz ex eadem centro ducitur, fiaufe-
ratur communis HI manebit AH ma-
ior qudm BH. E{t ergo HD maioripsi
HB, parstoto ; quod abfurdum eft.
Eadem demonfiratio procedét etiamfi
centrum circuli maioris extra mino.
rem cadat.

e

Pro-

. 20, L
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Propofitiorz. "Theore, 11

8i'duo civculi fefe exterius contingant,
linea recla centra conitingensper co-
tactumtranfibit.

iungens cen-
Ytra circolorii
ABC, BDE
fe rangétium
exterius in B non'tranfit per contatum

B, fed alibilecetin punétis C& D, iéi-,

gens centraF & G; ducantor te&tx BF
BG, eruntqueduo latera FB, BG ma-
ioraareliquo FG.Sed funt etiam mino-
ra,nam FC ipli FB ¢qualise®t,cx codem
centro F,fimiliterque G D ipfi GB erit
2qualis. Superatergo latus FG reliqua
duo latera legméto CD quod eftablur-

dum. Reéta igitur FG neniungit cen~

tra, & nullaiunger, nifi quz tranfibic
pet contactum B.

Sire@aco -

U IPA S f S

P~ gt .
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t’.ropo. 13. Theore. r2.

Circulus circulum non tangit in pluri-
bus piiitisfine intus tangat, fiue extra.

. 1 Nam fi circn-

! lum ABCD ti-

3 gatcirculus AE

Al ¢ CF interjus in

w duobus pundis

A & Cerunt di-

uerfa & circulo-

' D rum centra, €a-

que in re¢ta AC tranfeunte per conta.

&us s, Sit ergo G centrumm iphus ABC,

& Hipfius' AEC. Tunc autem quia in’

recta AC ponitur cétrum circuli ABC
efle G, effet cte@a AC bifariam diuvifa
in G, & quia alterins circuli centrum
et H, etiam in Heellet diuifa bifariam;

&is tagéc:

b1 3

€3

- . quod fieri nequit.
2 Sed ne-
. que’ exte~
rius circuli
Zd\ fe in plu-
c ribuspun-

Sienim in pun&is B & C fe tangunt |

H dulla

A
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ductarei AD per centraA & D nec-
non per contactom C, itemque du&is
AB,BD adalterum conta&um B, pro-
baretur ve {up.s prop. Jatera AB BD,&
maiora & gqualia cffe lateri AD.

Propof. 14. Theore. 13.

Iis circulo aquales reta lines aqualiter
acentro diftant, ¢ que diffant acen-
#re aqualiter inter [¢, funt aquales.
In circulo ABC

fint pares redz

AD, BC, & ex cé-

tro Eagantur EF,

AD, BC, ideoque
D C afecites bifariam,
iunganturque E A,E B. Quia ergo an-
guliad F& G (unt rei, quadratum ex
EA zqualeeft b quadratislaterum AF,
EF: & fimiliter quadratum ex EB duo-
bus quadratis ex EG, GB. Nunc quia
quadrata reGtarum zqualium EA, EB
font zqualia,criit etiam quadratadao
reGtarum EF, FA, zqualia duobus ex
EG, GB, & ablatis quadratis re&arum’
- ‘ ¢qua-

EG ad rectos ipfis.
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zqualiumFA, GB, mancbunt quadra-
tare&arum EFEG gqualia, quarcEG
EF [unt zquales,acproinde AD BC z-
qualiter 4 centro diftant,

E conuerfoautem (i pofitum fit re-
- &as AD, BC diftare zqualiter d centro
E, oftendetur ex fuperiori demonflra-
tione ablatis quadratis re@arum EF,
EG zqualium, qusdrata reliquarum
FA, GB manere ¢qualia; proinde & ip-
fasefle gquales.

Propofl 15. Theore. 14.
Incireuls maxima eff diameter , ¢ ce-
terarum ea femper masor, que centre

¢ff propior.

Per centrum A

< D du@i diametro
BN Ié FG, ducatur Hk
fl x propior cétro qud

CD;,ad quas per-
pendiculanbus &
, centro ductis AL,
AM, ex AL, quz sneceffariomaior e- 4 *+ 4 *
rit, fumatur AN zqualisipfi AM, &
per Nagatue BEad re@osipfi AL,iun-
Ha  gan.
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ganturque re&z AB, AC, AD,” AE.
Nunc vero quia BE HK zqualiter 4
centro diftantes funtgquales, F & in
trigulo ABE duo lateras AB AE ¢qua-
lia diametro FG,
c D maiora funt qui

: g BE; erit cadem

‘ H K diameter FG ma-

_ iorqtam B E, wel
HK, aut quzuis

alia,
z Raurfus quia duo latera AB, AE,
duobusiateribus AC, AD funt paria,
& angulus BAE maior ipfo CAD, erit
bafis BE feu HK maior quam CD,quz

¢ta centro remotior. In circulo igi.

tur &c.

Propo.16. Theore. 15.

we ab extremitate diametri ad reclos
4ﬂgrtlos linea ducitur extra circulum

cadit. Neque alia recla cadere poteff -

in lock interipfam recta & periphe-
viam wmprelmgﬁm. Et femicirculs
quidem angulus quonis acuto rellils-

neo maiorefi, reliqtns ansem minor.
' - Ad
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A E  Ad punfum
Aexteemil dia-

b - metri AC dufta
B F DEipfiACper-
pendiculari.Di-
co retam DE
extra circulum
(o] cadere. Si enim
, vis cadereintea,
qualiseffet D AF, du@i ex centro re-
&ABF, trianguli AFB cum duo lateras 5. 1,
B A BF paria finc, eflent setiam pares
anguliBAF ( quem vis cfle reGum ) &'
BFA, quodabfurdume@t;duo enim re-
&isintriangulo effe non pofhunt. Ean-
dem ob caufam AF in circamferétiam
cadere nequit; nam etiam tum feques
retur in criangulo duosefle seétos. Re.
@aergo DA neceflario extra circulum
cadit. \ . :
2 Sednequealiaredta eaderintra re-
&am AE & ambitumFA. Sienim id
putasde AG, ducatur ad eamvé centro

617, 1.

- perpendicularis BG;& quia tedus et

BG A, minor refto critBA G: quare,,,, .
maiet eft BA¢ qnam BG f{ubtendsns
minoremre@o. At hoc ab{urdum efi;

' ~ Hj3z  nam
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nam BA ipfi BH parti totius BG ¢qua-

lis eft, non ergo maior toid BG.

3 Aangulusfemicitculi BAF quolibet

acuto cft maior : nam quinis acutuscit

fit minor re&o BAE, debebit conftitui
b ) A per reéta, puta

E
N GA, que ad
X

F

E‘ puctum A du-

&a neceflario
caditintra cic- "
culum., Mino-
fem ergo an-
gulum faciet
. c i

¢ quam fit an-
gulus femicirculiBAF. '
4 Angulus reliquus HAF,quem con
tingentiz dicimus , minor et quouis
re&ilineo; nam fi minor aliquis confti-
tui poflet puta G AE duceretur reéta
GAinlocum inter reétam AE & peri- -
pheriam BF. Qua igitur &c.

Corrollarium.

Hinc efficitnr reitam ad extrmum dia-

mesriper pendicwlarems sangere circulmp,

= & invnico puntle tangere; nam fi plata

tangeres, caderes 2 intraciveuinm.

Pro- |
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{Propo. 17. .Proble. 2.

—

8 Adato puntlo reftam lineam ducere

qud daturm circulum teygat.

- Dato punéto
A &, circulo
BCD, ducatur
‘excentro E te-
GaE A, & co-
dem cétro fpa-
tio EA circulus
AFG; excite-

turque ad D re-
&aDFadreGosipfiEA. Indeiundt re-
84 EFagatur quoque refta AB;) quam
candem dico tangere circulum BCD
in pun&o B. Quia enim triangulorum
ABE, FED, duo latera AE, EB duobus

EF, ED funt paria, & angulus E com-

munis, hzc triangula fe habent iuxta
41.Quarecum angulus EDF rectus fit,
re&tus quoqueerit EBA, & proindere-
@a AB circulum  tangit in B, A dato
ergo pun&o &c S

osser

-

16, 3.

Hy Po
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Propo. s8. Theore. 10,

. 8 civculwm tangat reila lines, duila

alsera e centroad comtaitunwipfitan-
- genticris [n?mdiquldris.

o~ ~Vefire&a AB
circulum tangasin
E Cre&aaltera DG,
, excentro D,ad ¢o-
tadtum G, ipl AB
. erit perpendicula-
A < B ris. Si enim anguli
ACD,DCBnon
funtre&i, erit eorum salteruter aca~
tus, puta ACD, fed hic maior eft
angulo femicireuli ECD, erit ergo an-
gulus femicirculi minoraliquobacate,
* quod fiering poteft. Anguliergo ADC
DCB fant re&i, ac proindere@da DC

tangenti AB et perpendicularis, - -

Propo. 19. Theor. 17.

Si recta circalums tangat, ¢ ad puniism
contactus samgenti ipfi perpendicula-
risexciteiur, inea erit circuls centri.

Re&a AB tagat in € circuli CDE,exci-
. tcgur1
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B teturduead taa
C,te&ta CE, iphi
AB perpendicu-
F ) laris,inquafine
p gas ellecentrom
circuli, firergoa-
A © g libi, puta vbi F
T ducaturque FC
quaipfi AB erita perpendicularis,qua-
re recus angulus. A C E retto angulo
ACF eritzqualis, parsvidelicet toti,
quod cft ablurdum. Non ergo alibi e~
Litcentrum quam in re&a CE.

Propo. 26 Theore. ¢5.

b -
Ex eadem pevipherie portione angulus
ad cétyum, duplus eft eius qui ad am-

. bitum extendiiur.

D Super fegmento
‘ A B, ad centtom C,
fiac angulus ACB, &
fuper eodem fegméro
ABad ambitum exté-
datur angulus AD Bl
gia ergo trianguli
Qi ego D
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CDBlatera CB,CD funt zqualia; fune
s & anguli D,& CBD ad bafim ¢quales:
fed his duobus internis & oppofitisbex-
ternus ACB et ¢qualis;idé igitur angu-
lus externus ACB, qui e(t ad cétri, du-
pluselt-iplhus ADB, qui porrigicurad
ambitum. Ex eadem ergo &c.
Eadém demonftratio adhibebitur

fitriangula (e mterfecent. V¢ angulus

ACB ad cétrum, dupluseft ipfius ADB
.quiad ambitd. Nam du@ire@i DCE
eruntanguli CDA, CAD¢ zquales, &
his duobusgqualis externus 4 & oppo-
fitus ACE, cujus anguli qnia pars vna
angulus BCE . duplus et enguli BDC,
reliquus ACB dy-
lus etiam eritre-~
iquiA D B, quod
erat probandum:
cft enim angulus
ADB angulusad
ambitum,& ACB

b E

y\

. ‘ad centrum, fuper codem arcu AB. -

/ Ptop.
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- |
Propofitio zr.  Theore. 19.

In cireulo qui incadem portione funt an-

guli, aquales funt.

B Sit circolus AB

E  CD, & ineius por-

. tione ABC fintan-

guli ABC AEC

A c° luxtadefr 1. duca-

turq; ad cencri an-

D . golus F..Quiaergo

tam angulus4B quamE, ¢® dimidiom

ciufdem anguliF, fequitar eosinter fe
efle pares. In circulo ergo &c.

Propofitio 22. Theore.z20.

 Quadrilaterorus in circuls deferipto-

rum anguli oppofiti duobws rectss sis
aquales.

A Delcripto-qua

. drilatero AB CD

in circnlo ABD

B dacdtucreGtg AD

C BC. Tunc vero

quiaanguli CAD

D CBD in4 eadem

' portione CABD,

&

[—

420 3

& 3l .
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& fimiliter anguli DAB, DCB, ineas
dem portione B A C D, funt etiam pa-
res; totus angulus CAB duobus DCB
DBC 2qualis eft: fed hi duo addito an-
gulo CDB fiunté zquales duobus re~

&is (conftituentenim trizguld CBD)

Idem igitur angulus CD B, adiun&us
oppofito CAB efficiet quoque angu-
los pares duobus redlis.

_ Propofitio 23. Theore. z6. \
Super cadem recle due circulorsm por.

tones fimiles ¢ inaquales adeafdem
partesmon conflisuentur. :

D Sintenim fifieri po-
teft fuper AB fegmen-
C ta fimilia & inzqualia
ACB, A D B; dutilq;

re&isAD,BC, BD,e- .
A B runtanguliD,& ACB
pares fuper eadé # por-

tione AB. At externus ACB interiori -

‘& oppofito# D par cfle nequit, Super

cadem ergo recta &¢.

2%

L]

Prop.
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“Propofitio24. Theore.23.

- Super aqualibus rectis lineis fimilia ciy-

culoram fegmenta inter f¢ funt «-
gualia. . '

B Q D

Super re&is ¢qualibus AE,CD,con.
flicuta fint imilia fegméra AEB, CFD;
quz fi non funt zqualia; collocetur

ABre@a fuperipfam C D, cui cGgruet, .

cum ponatur zqualis, Quod finon ¢§-
gruerétctiam fegmenra,tuncvel vhum
extraaiterum totum caderet & fic fi-
milia & inzqualia fegmenta fuper eadé
CD conftitnerentur, velvoum cadet
partim extra; partim intra & tunc cir-
culus citculum fecaret in pluribus pii=
&is, quam duobus putain C,F, D, cit-
culi pecficerentur, quod verumuis geft
abfurdum. Super zqualibus.ergo re«
¢tis &c. -

! Pro.

4 26,
610, 3¢
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Propo, z§. Proble. ;.
Data portione circult deferibere cirenlss
cuins ¢ft portio, )
B In data -po’rtioﬂn‘c
N, ABC fumantus

~  / \\ vtcung;ttiapun-
N >< )C &a A, B,C; iwi-
F giturque duabui

retis AB, BC;quibusinD & E bi

fecis, ad ea pun&a gxcitentur perpen-
diculares DF, EF,vbienim (e fecabunt
putain Ferit circuli centrum.Nam pec
1.z.tam in re¢ta DF,quam in altera EF,

erit circuli centrii.Non alibi ergo qui.

inF, alias duo effent vuius circulicen-
tra, Centro ergo F, fpatio FA defcri-
betur circulus cuins portioelt ABC.
Propo. 26. Theore. 2;.
Anguli aquales ad cewtra aut adamb;-
tum circulorom equalium  infillunt
Segmentis aqualibus. '
Sint¢quales anguli AGC, DHF ad
centra G & H, ducanturquere@e AC,
DF. Quia ergo triangwlorum AGC,

DHF, duo latera GA,GC ducbus HD
. -HF
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A c D
B , E F
HF {unt paria, &anguh G&H pnnu-
tur gquales; eritabalis ACbafi DFx. * + ©
qua‘ns,quare& arcus ABCQarcniDEF 444, 4,
erit zqualis.Rurfus f angulf K & L fint
zqualcs, gunce portiones AKC, DLF
(imiles: quare cum circuli toti ponan-

tur zquales, i fmlles quoque erunt ar-
cus ABCDEF.

¢ 10 dify,

Propo. 27. - Theore. 24,

Angwli ad centra ant ambitum equalile
" cirenlorum inf] iffentes xqualtlmmr-
 eulorum pomombm. funt aquales,

chmm anguhBDC FHG =zqualid, ™
circulorum, gqualibus arcubus BKC,
FLG infiftunt, & anguli ipfi non funt
zquales; (it BDC maior, ﬁatquc angu-
lus
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BD1ipi FHG zqualis; equalesergo e
runtarcus BI,FG,quodeft 4abfurdum,
cum arcus BC & FG pofiti fint zqua-
les.Anguliergo BDC, FH Ginequales
efle non poflunt,ac proindesnecangu-
liA & E quifuncdimidij ipferumD &
H.Anguliergoad centra &c.
Propo. 28. Theore. 2.

I equalsbus circulis equales reiie av-

Serunt & relinquuns aquales periphe-
7ias. : "
Nam i in paribus circulis ABC

DEFre&z BC,EF funt zquales; fadis

angulisad centra G & H, erunt trian-

gulori GBC, HEF duo latera GB, GG
duobus HE, HF zqualia, camque ba-

fis BCbafi BF fit etiam zqualis, equa--

les eruncangulis G & H. Similes ergo
por-

A o A oy o e e . o~
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portiones funtBKC, ELF. Et quia cir~
culi funt zquales, fimiles quoque re-
linquentur BAC, EDF. In zqualibus

ergo &c.

Propoﬁtlo 29. Thcotc 26.

Ins qualibus circulis equales pmpbmas
wgquales recis linea [ubtenduns.

Nam in figutis fupenonbus iBKC,

- ELF, fumptz fint portiones zquales, ,
.paresaetuntangullG & H:fed & late~-#37. »

fa continentia (unt2qualia,quares ba-
fesBC, EF, quz fubtendunt zquales
arcusinter {e funt ¢quales,

Propo. 30. Proble. 4

Datam circumferentiam /Eure b ﬁru.
.. Dateperipheriz A B C,{ubtendatur,
se€ta AG, diuifain D bifariam,ad quod
pidum excitetur D B,ipfi 1} C,perpen-

ict-

[N

4.0
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dicularis, eritq; peri~
pheria AB C, bifarid
in B, diaifa. Nam du-
\| @is nectis AB, BC
via triangulorum
A Db ¢ ?).AB DB(gI, latus
DA ipfiDC, cﬁaxqmle,,,& DB com.
mune, anguliquead' B, re&i funt, e-
-runtabafes AB, BC,zquales,ac proin-
de=zqualesé etiam peripheriz AB,BC. .
Se&aelt igitur ABC, bitatiam in B;
gquad erat faciendum.

+* - Propofi. s1. Theore.27.
Ins circuls angulus qui in [emicirculo
reclus eft: qui in porsione maiore,mi.-
nor; ¢ qui in minore, masor reclo:
snfuper maoris portianis angulus it
masor reclo; minoris, minor.
p,B . In femicirculo

. & - <ADG, fiat viciig;
angulus CD A,
A U quem dico effere-

e &um . Nam exE
cétro dudtd re@i
ED, & latere AD,
produéto in F,

) quia’
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quia trianguli EA D, dno latera EA,
ED funt paria, pares quoque eruntan- ot
gulisEAD,EDA, & intriangule ECD,”
pares erunt ob eandem caufamanguli
EDC,ECD; totus ergoangulus ADC,
duobus DAC,DCA,zqyalis oft;fed jj(-
dem duobus oppolitis & intgrnis z-
qualis eft# externu®F D C, Sunt ergo #313. &
zquales quoqueintet feangulj 2D C,
CDF; acproinderetusvierqie. . -

Et quiaintriangulo ACD , angulas
ADC, oftenfus et retus,minor ¢ recto
éritangulus BAC, quieft in portione
DABC, maiore quam fit femicireulus.

‘Nuncvero fumpto vtcunque pun- |
&o G, inarcu DC, du@ifque reis
DG,GC, quia quadrilatesum eft AG,
anguli oppofiti ¢ DAC, CGD, vasdus. s
lent duos retos: fedangulus DAE
minor recto elt, re¢to ergo maior eft
angulus DGC, quieft in portione
DGC minore quam femicirculus,

Sed & angulus maieris portionis qui
continetur recta CD, & circumferen-
tia DABC maior et re@o ADC, to-
totum videlicet fua parte, Angulus de-
niqueminoris portionis qui contine-

ITa tur

€17 L
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tur reta CD, & arcu DGC, minor eft
quam re¢tus C D F, pars videlicet qui

_totum, In circulo igitur &c.

Corollarium, «

Siin triangwlo angulus aliguis dsobus

- vebiguis fit aqualis ss erit veitus. Ut fian-

A gwlus o« 4BC ducbus A
& C, agualis eft, cum
externss 5D B (g fdem

El' © Adg( fiigqualis;equas

D les etiam erunt DB ()

& A B(, ideogne refli.
Propo. 22. Theore. 28.

Si circulum recla tetigerit, & 4 tallu

Aucatur recta altera fecans civcnlums,
anguliquos adsagentem facit, equa-
les erunt is qui i alsernis circwli
portionibus confiftunt:

Circulum ABCD, tangat re&a EF,
mpuncto D, exquo ducatur DB, vt
cunque crrculum feeans in B, deinde
excitataD A, ipGE F, perpendicolari
(quez erita diameter ) ducatur AB,shp-
toque quouis punétoin arcn BD, puta

C, du~
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A C,ducantur e-
. "~ tiamreéte BC,
8 CD. Quo fa-
&odicoangu-

los quos facit

€ BD,cum tan-
gente EF, z-

" quales eflean-

. D r gulis,qui func

in alternis circuli portionibus. Hoceft

angulum BDF,parem efle1pi BAD,qui-

cRin portione ABD;& angulum BDE,
parem cfleipfi BCD, qui in portione
-DCB céfiftit. Nam quiaangolus ABD,
in femicirculo 5 reus ett, reliqui duo
BAD,BDA,vni reto (unt pares; fed
reCtus eft angulus A DF, valet ergo
duosangulos.BAD,B D A; ablatoer-
. gocommuniB DA, reliquiBDF, &
BAD, manent zquales. Amplius quia
AC quadrilaterum eft,anguliA, &C,
funtd paresduobus reis, ficut & an-
guliBD F, B D E; cum igitur angulus
BDF,ipfi A, fit oftenfus =qualis, reli

b 310 3
233 1.

d 23, 3 ;

qui BDE, BCD; inter {e relinquuntur

cquales;Siigitus circulum &c.

13  Pro-
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Propo. 33.  Proble. 5.
Super data reclaportionem circuli
deferibere que capiat angulum dato

anguloreiilineo ‘eqmlem.
B C Si angulus
: : datus ficredtus
vt D,8 dacare- .
F &a it AB, ci

 dinifd bifariam
inE; centro E
fpatio E B, du-
cetur femicirculus A FB, capienssan-
¢ n 5 gulumreGtum.

Si vero an--
H  gulus datusfic
acutus,vt C,&
datarecta AB;
-applicetur ad
A B cius extremi
A, angulusD
C AB, ipfi C =-
D qualis; deinde
rea AB, dinifd bifariamin E, excite-
tuctEF,ad re&osipfi AB,8ad A re&a
A H, ad recos ipfi A D, jungaturque
GB,cruntque triangulorii EAG, EBG,
\ ' latera
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lateraEA,EB,zqualia, & EG,commu-

ne, angulique contenti,zquales, gqua-
lisergo erit #bafis GA, bali GB, quare

fi centro G, fpatio GA, ducatur circu- b.4. L
lus, tranfibit per éxtremum B; nunc ve-

ro du&i re®a HB, quia diametro A H,
adextremum A, dutaelad redosli-
neaDA, tangetchzclinea circulum; &

quiaa conta&u ducti re@®i AB; circa- ¢16.3-
lum fecat, ericangulus DAB, fenangu- ‘
Ins datus C,zqualis d angulo AHB,qui 4 ,, ,.
eftinalterna fe@ione AFB,hacipfaigi-

tur (e&io HFB,(uper data AB,capitan-
gulum dato angulo ¢qualem.
’ ' ' Similis
erit ftru-
Qurafide-
tur angu-
lus obtu.
fusC,& fi-
milis item
demé&ttra-
tio, capiet
enimarcus A H B, angulum obtnfum
BHA,ipfiGAL hoceftdato angulo C,
¢qualem. Super data ergo &c.

14 Prop.
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~ Propofitio 34. Proble. 6.

A datacireulo portienem mﬁ’rre qu4
' 4ngulumupmtf4rem4ngalad4to

Sit datus

& cxtculus

Y, ABC, cui
<F “ad quod-
uis puné&ti

T putaC,ap
chetur 4 tangens DE fiatque angulus
BCE, ipfi F, zqualis: eritque angulas
quiuis in portione CAB,puta BAC,b¢-
qualisipfi BCE,{eu dato angulo F,cum
angulus CAB, in altetna c1rcuh fe&m-
ne confiftat.

Propofitiozs. Theore. 29.

S5 in civculo due recle feinterfecent,re-

* Clangulum Jub fegmentis vnins a-
quale eris’ veilangulo fub fegmentis
alterius contents.

In circulo ABCD,te&t2 AC,BD; (e
interfecent inE; quz fe&iofifitin cen-
;:o,tunc cym omnia fegmenta fint z-

qualla

. angulus F,.
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B

A—E-Ec

D
qualia,eritre@tangulum fub fegmentis
1:mh1.s, zquale re@angulo fublegmen-
tis alterius.Quod fi in alterutra taitum
puta AC, (it centrum circuli, fecetque
# alteram BD, zqualiter & ad re&os in
E, tunc duéti 1e&iAFD ex centro F,
quia re@ta AC, bifariam in F, & non bi.
fariamin E divifa eft, erit reGangulum
4fub AE,EC, fimul cum quadrato ip-
fius EF, zquale quadratoipfins FC vel
FD fen duobusex¢ FE,ED;fed quadra-
tum ipfius ED, e(t re&tangulum fub
partibus reétg BD,fetz zqualiterin E;
Igitur re¢tangulum fub partibus EC,
EB addito quadrato-ex EF, zqualceft
quadratoipfivs FD, ficut & re&angu-
lum fub partibus inzqualibus ipfius
AC, adiun&to eodem quadrato ex EF,
fiebat zquale gnadrato ipfius ED; Ab.

lato ergo communi quadrato exEF re.

Gana

4

€47 b
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&angula fub AE,EC,& fub BE,ED, te-
manent zqualia.

" Siveroinal«
terutra reéta pu-
ta AC,fit centria

" circuli F, & vera-
que linea inz~
qualiter in Fdi-

e uidatur, dulis
F D, & perpendiculari F G, re&angu-

‘lum fnb partibus AF, EC,cum quadra-

toipfiys EF,par erit quadratod ex FC,
vel FD; Similiter re@angulum fub BE,
FD, cum quadrato ipfius EG, ®qualia
funt quadrate ex GD, & hoccum qua-
drato ipfius GF, zquale e quadrato
ipfius DF, quare additis ad re®angula
{ub DE EB quadratisipfarum EG, GF,
feu quadratocipfivs EF fiet re@angu-
lum fub DE, EB zquale quadrato ex
D F,cui etiam zquale erat f retan-
gulum fub partibusipfius AC, adia&to
quadrato ex EF; hoc ergo quadrato ex

EF communi ablato, retangula fub
 AE,EC,& BE,ED, manent zqualia.

Deniquefi neutra per centrum tran-
feat & vnaexillis bifariam fgcetur,aut
ney-
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»GA. a

CH C ¥ B
neutra: docatur per centrum F, & fe-
&ionem E re&ta GH, tunc vero quia
oftenfum eft re@Gangulum fub AE, EB,
zqualcefferetangulo fub GE, EH (fi-
ue AB,divifa fit bifariam iue 03 ) item
re¢tangulum fub CE, E D, zqualeefle
cidem {ub GE, EH,( fiue CD,bifariam
{e@a fit fiue nen) erit reGangulum (ub
AEEB,zqualere@angulofub CE,ED.
Quod erat demonftrandum. Siergoin
arculo &c. ’

Propo.36. Theore. zo.

Si apunélo extra circulis ducantur due -
recie, lecans vna,altera tangens cir-
culum ; yeclangulum [ub tota fé-
cante & parie que cidem adiectaeft
vfque ad punctum, equale erit qua-
drato tangentss. ‘

A pun.
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A D Ex puncto A
ducatur A B, cir-
culii fecans, qua
primo trafeat per
C, centrum, aga-
turque # infuper
, reéta AD, circu-
lum tangensin D, adiun@®a re@i CD,
- quzeritbad redos ipfi AD. Quiacrgo
re&taBE, bifariam fe®a et inC, & ei
adiun@aelt EA, erit rectangulumcfub
AE,EB cum quadrato ipfius EC, vel
'CD, ¢quale quadrato ex A C: fedhac
idem quadratam ex AC valer duo fi-
mald quadrata ex AD,CD;fiigiturau-
feragqnadratum communeex DG, re-
&angulum fob AE, EB, fic 2quale qua-
drato tangentis AD.

Q:odfi linea AB, non tranfeat per
Ccentrum, ducatur adeam CF per-.
pendicularis, item alig retz CD, CE,
CA.Cum igitur retangulum fub AE,
EB, addito quadrato ipfius EF, parfit

“equadrato ex:AF, addito cGmuni qua-
drato ex F C, quadrataex AF,FC, fen
fquadratum ex AC, gqualeerit reftan-
gulo fub AE,EB, adietis quadratis ex

‘ EF,FC,

e

-
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EF,FC,vel cii qua-

D "drato ipfius EC.

Quia ergo re@an-

\ gulum fub AE, EB

c cum quadrato ip-

fius CE;vel CD, z-

quinalet quadrato

‘ B ipGus AC,vel dua-

rumg AD DG; (i auferatur commune £47.
ex DC, vel CE, re&angulum (ub AE,’
E B, manebit ¢quale quadrata ipfius
AD,Quod erat demonftrandum. Si ex-

god puncto &e. ‘

Propo. 37. Theore. 31.

Si & punilo extra cirenlym ducanturre-
cle dus, quavum altera fecet, alters
in circulum incidat , [itaue reclan-
gulum Jub fecante, & aazeéh parte
yfgue Ad punitum, aquale incidentis
7u¢dr4t0; recla illa incidens civea-
um tangit.

Ex punto D extra circulum ABF duca~

tur re@&a DA, lecans circulom in C, fit-

que re¢tangulum fub DA,DC, zquale
quadrato reét® D B, Dico 1e&«m DB
tange-

E
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D

tangere circulum. Nam ducti rei DE

tangente «circulum in F iungantur &

centro Ere&2EBEF, & i re&a DAnG

tranfit per centrum E,addatur etiam

DE.. Nunc vero quia rectangulo fub
DA DG, ¢qualecft & qnadratum tan-

gentis DF, eidemque re@tangulo fub
DA DC ponitnr gquale quadratum ip-
fius D B, erunt quadrata reGarum DF
DB ®qualia, ideoque & iple ¢quales,
*Quiaergo triangulorum DFE, DBE,
duo latera DF,FE,duobus DB, BE,funt
zqualia,& bafis DE communis; ettt
cangu-

a
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canguli DFE, DBE zquales; e(tautem ¢ .5
dangulus DFE refus, rectus ergo e~
tiameft DBE, ideoqueerecta DB cir- ¢ s,

£
culum tangit. Si ergoextra circulum
&c.

%
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Definitiones.

1 Figurare@ilinga in alteraredilinea-

dicitar infcribi, cum finguli eius quz
infcribitur anguli ingula lateraattin.
gunt eiusin qua dicicur inferibi,

L

MK N

. Utsriangulum ABC,inferiptum esiin
tviangulo DEF: at triangulum GHK non
inforsbitur intviangulo LMD, quia an-
goilus H, now attingit Lutns M. - -
z Fi\g’u{g"

R

e —— ———

s 0o e e + st i
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2 Figura circum figuram defcribi
-dicitur cum fingula eius quz circum-
fcribitur latera fingulosangulos tetige-
tint figurx, qigintus et defcripea.
. Ut in [wperioribms exemplis srsamguinm
DEF; ex deferiptum civea triangulum
ABC, at sriangulum LMN, non ¢5t def-
orsptum circa GHK, .
D___ + 3 Figura re@ili-
: . nea in circulo in-
fcribi dicitur cum
“finguli eius anguli
circuld. tetigerint.
Vi sriaguium ABC,
csrculo . ADB of
inferipis,non antems

trianguinm. DEF, L
A 4 . Figura

- vero redti-

£ lip:a ::irga
circula de-
] fcribi dici-
: \ tor, cit fin-
- . , uls cius
B E . ,‘C' lgattera am-
bitem: circsli tangunt. Ut sriangulum
. ABC.deferiprum eft circacirenlnm DEF.
CrRia, n . K s Si-

M 3

FS A
5




tj6 LIBER IIiL

s Similiter & circulus in figurare@t-
lineainfcriptus e, cum ciusambitus
tangit fingulalatera figurg in qua circu-
lus defcribi dicicnr. 72 civemlus DE F,in-
Jeripsus eftintriangulo ABC def. 4.

6 Circulusautem circa fijuram del-
cribi dicitur; cum circuliambitus tan-
git angulos omnes cius figure quam
circam(cribit. 7% in figura definitionis
tertia civenlus A(BD,defcripsus off cir-
ca triangulum ABC, non ausem circa

‘DER. , |
: 7 Re&a linea in
AL\ B circulo accémo.
' darivel apeari di-
citur, cum eius ex-
C tremain circuli pe.
- riphetia fuerint .
Pt linea A B, aptasacitin circulo ABC,
won aptems CD. .

Propofitionts.,

Propofitio 7. Proble. r.
Indatociveulo reclam accommodare -
gualem date reiie linee, gue circnls

diamerro maiornon fite
In




LIBER I1IL 13t

In circulo

A B Capranda
fitlinea zqua-

lis ipli E quz

C diamertro %C
maior non fit
ni maior dia-

metco 4 nul-au.g.
) A

- la aprati po-
teft.Quod fidiametro AC c(Fct ¢qualis
lineaE, ipfadiameter AC effetaccom-
modata vt petitur. Siergo linca E mi-

not fitdiametro A C, ablcindatur z- -

qualis AD,accentro A fpatio AD du-
catur circalus B'D#iunéta enim recta
ABaptataeritin citculo ABC, & erit
gqualisipfi E,cum E Gt ¢qualisipi-AD,
cuizqualisctiam efteft AB.
Propofitio 2. Proble. 2.

In dato circulo triangulum deferibere
N dato triangulo rquiangnlum.

Sitdatuscirculus ABC, & triangu- .

lum DEF. Du&astangente G H ad '
pu&um B fiac angulus ¢ H B C 2qualis 4 15. 1,

ipG D, & GBAip(iE ponatur zqualis,
ducaturque re@ta AC, & triangnlum
" K2 ABC

6. 3.
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ABC erit quod petitur : nam quia an-
-gulus HBC zqualiseft ipfi A in alter-
3 % pacfe@tione, & cademde caufa GBA
ipfiC; erit quoque angulus D, iph A,
. & angulus Eiph C zqualis; quarc&
tereius F ipfi angulo B zqualis erit. In

dato ergo circnlo §e.

Propo. 3. Proble.;. -

Circa datum circulum triangulums defe -

~ cribere daso triangulo equiangulum.
s K . D .
A | .
] E/\FH
L € M

‘ - Sitdatuscirculus A B C, & triangu-
lum DEF, produ&oquelaterc EF in G
&H
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& H,angulo DEG ¢qualis fiat#ad cen- , 3. 5
trum angulus AIC, & an‘gulus BICan-

gulo DFH; necnon ad fingula pun&a
A,B,C, ducantur étangentes KL, LM, | .
MK: eritque triapgulum K L M dato
trianguio D E F 2quiangulum. Nam

gnia in quadrilatero AICLanguliad .

A &Cecfunt re&i reliqui L & A1ICc W
ducbus reis funt pares: fi enim doca~

cur LI, duo triangula ALL,CLThabent
angulos paresd quatwor re@is; ci igi- 4sz. 1
tur duo reti fintad A & C,reliquicon- '
tinecbunt retos alios duos, Siergoan-
guli ALC, AIC,valétduosrectos,cum
angulus AIC fitzqualisipfi DEG, al-
~ ter angulus L par erit angulo DEF,
quandequidem anguli circa latus DE
fint «duobusredtis ¢quales.Eodent mo-
do per quadrilsterum BICM oftende-
turangolum M effc ipli DFE ¢qualem.
Quare & tertius D, tetrio angulo Ke-
5it zqualis. Circa datum ergo &c.

am

K3 Pro-
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Propo. 4. Proble. 4.
In dato triangulo cirulum defiribere.
: Dati trian-
guli ABC
duo quiuis -
- aguliCBA,
., ACB bife-
centurs pet
re&tas D B,
B F ¢ DC,occur~
b1 1. rentesin D, quo piioducitur é DE,
DF,DG,fingulz fingulis lateribus tri-
gulidati perpendiculares. Nuncverd
quia triangula DBF, DBE, habent fin- -
gulaad E,& F, vnum angulum reGum,
& alterum DBF,¢ alceri DBE zqualem,
Vi, latsinfuper DB comthune; eruntde-
- tiam latera DE, DF ¢qualia; (imiliter-
que oftendetur re@am DG, re¢tz DF
¢qualem efle. Siigitur centro D,fpatio
DF,ducatur cicculus FEG, tranfibit per
pun&a E & G, tangetque latera omnia,
trianguli dan ABC. In dato ergo trian-
gulo &e *

s8I

308

Proc

- .
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Propofitio 5. Proble. 5.

Circs dstum srsangulum ciroulumdef~

cribere.
A |
A, L
BT N
A ‘Trianguli dati ABC

3 EAEDE. duolatera AB, AC,

~Z7)€ dividantyr  bifariam
/ - inD & E;ad qug pun-
&ta excitatis perpen-

dicularibus cgibunt illz, vel intra
triangulum , vel in latere ipfo, vel
extra, vt in figaris ordine apparet. Du-
canturinfuperrc@tz AF,BF,CF, fiom-
nes,ant aliquz carum antenon funt du-
&z. Quiacrgo triangulorum ADF,

BD F,lateraDA DB funtzqualia, &

DF commune, angulique re&tiad D;e-
ritabafis AFipfi ¥B zqualis, ﬂ'patitct-
queoftendetor FC ipli FA efle zqua-
lem. Centro ergo F,{patio FA ducetur
¢ictulus ACB, quitranfibit per pun&ta

Ks C&B
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€ &3, Circa datum ergo triangulun
&e. ‘ o
" Propo. 6. Proble.s.
In dato cirewlo quadrasum deferibere.
fA v' In dato circulo
ABCD, fecét fead
rectos in centro E
diametri A D,BC,

ducanturque retz
P AC,AB, CD, DB:

oftederor ergo omnes has lineas efle,

¢quales bafes triangtlorum fuortiper
4.1 & (untanguli fupraillisbafes,puta
fuper AB, 2quales, quiazqualia func
lateraEA, EB; cumergo omnesanga-
liad E fint reéti, omnes qui fimefupra
+ bafes erunt femirecti, totus ergo angu-

lus ABD, & fimiles,siit re@i: figuraer-
go reiilinea ABCD, quadrati eft,def-

criptum in circulo; quod erat facien-

dum. - .

.
e e e —————— e e heen

TS T Ty T

e e, G e\ o o o e — et
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Propofitio 22. ' Proble. 20.

Circa datum circulum quadratum agf*

\ oribere.

- Dn&is diametris fe fecatibus ad rectos

inE centro,’ per earum cxtrema A.B,
C,D,ducantur stangentes FG & fimi- 4165
les, eritque figurare&ilinea FG HK; in
quare@ilineum Ak et parallelogram-

mum, funt enim & anguli ad A8 Cre-ry w. 4,
&i, ergo latera . AG,Ck paralicla;fimi. ¢ 25 =
literque parallele funt A C, G k prop-
terangulos ad B & E retos. Cum er-
A G- go angulus A

| . Ck 1c&us fir, -
' critetiamdop-
: E pofitus AGKk “** -
B

B reQus: fimili-

- terque oftéde-
tur angulos ad
F.H, Kk, re@os

. > effe. Item Gk

zquale et oppofito AC,¢diametro cir- « 3.

- culi, & omuia alia latera fignrz FK o-

ftendentur diametro circuli 2qualia.
Sunt ergo omnes anguli recti & latera
¢qualiain figura Fk, & per confequens
':-x'l" ’ ‘ Q&.
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eft quadratum . Circadatum ergo cit-
culum. &c. ‘
Propo.f.  Proble. 8.
Indato quadraso circulum deferibere s
A Fa) B Dati qua-

— drati A D late-
ribus AB, AC,
. K bifariam fectis

E G inE&F, perE
re&aEG paral-
X lelaipi AB, &

per F ducatur
© H D pyipfiAC 6i-

militer parallels; crunt§ue o lateribus

quadrati & inter fe ¢quales. Et quiz
Ak parallelogrammum ett, erunt late-
ra oppofita FK AE dimidium laterisé
quadrati, gqualia: fimiliterque often-
detur omneste&as kE,kF,KG,KH, =-
quales effe dimidio lateris quadrati, &
interf{e. Centro ergok,fpatio KE du-
cetur circulus EF GH tangens omnia
latera quadrati. In dato ergo quadra-

‘ to 8&¢. :

P_!'O-r '

——

2 et e s e e
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. Propofitio.s9 Proble. o.

Cirea ditum guadratum civenlum de- .

Jeribere,

A In dato quadrate
ABCD, du&isdia-
metris fe fecantibus
inE, quia triangoli
ABClateraAB,AC
1 _ D fynt zqualia, erunc
sanguli ACB ABC zquales, & femi-
re&i,comangulus CAB redtus fit:fimi-
literque oftendetur omnes angulos
geminosad A, B, C, D, efle zquales;
quare laterac EA EB&c. inter fe elfc a-
qualia. Centro ergo E,fpatio EA,duce-
tur circulus ABCD, tranfiens perom-
nia pun&a extrema quadrati. Circa da-
tum igitur quadratum &c.

Propo. r0.. Proble. 1o.

Triangulum 1fofceles conllituere in qué
vsergue angwiusad bafim fit Auplum

reliqui. :

Re&a AB feceturin Ciuxtars1. 2.ita .

vtre@angulum fub AB BC fit ¢quale
: q“"
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quadrato re@». Dcindefalto centre
A, {patio AB ducatar citcculus BDE,
inquoaptetur
» re®aBD ipfi
A C =zqualis,
iucis infuper
re®is AD, C
D; eritqg; tride
gulum ABD
@quicrurum |
Quare b & an-
guli fupra ba-

fim BD (unezquales. Nuncvero hofce,

angulos fingulos efle duplum certii an-
guli A, fic oftende. Circa triangulum
ACD duttoscirculo DCA,quiare&i-
gulom fub AB, BC zquale eftdqua-
dratoex CA feu BD per conftruitioné,
& AC circulum fecat,.ipfa BD tangit
ecirculum D C A, quareangulus GDB
equalise®tfipfi Ainalterno fegmento;
& communi CD A addito, duoanguli
A & CDA ¢quales funt duabus BDC
& CDA, hoc eft'toti ADB vel ABD.
Et quia angulus externus BCD duobus

© ginternis A & ADC =zqualis eft, eriti-

dem BCD patipfi CBD, velADB; &
- © proin-
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proinde p ce&z DC, DB xquales,cum , ,
pares angulos fubtendant. Et quia BD
pofita el ipfi CA zqualis, pareserunt
re@¢ CD,C A, Quareganguli A & ‘
CDA zquales. Duplusergo eftangu. &5 =
lus externus BCD irﬂus A, &eiufdem
dupli quoqueanguli funt CBD,ADB,

ui ipfi externo BCD vpares oftenfi

unt. Triangulum ergo Ifofceles &c.

Propefi. 11, Proble.1r.

Indato circulo Pentagonum equilaterf
& equiangulam deferibere.

Affumpto triangulo s Hofcele FGH, 4 18 4
tuins anguli G & H dupli fint iplius F,
in circulo ABCD ¢ fiat illi ®quianguola, , o
CD,

2
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ACD, bifariamque dinidantur anguli

e ACD, ADC.Iunctis deinderectis AB,

BC,CD,DE,EA fa&um erit quod pro-
ponituc. Nam quiaanguli ADB, BDC
funt pares, pares etiam erunt d arcus
AB,& B C; & eandem ob canfam om-

nes reliquiavcos funt ¢quales, & om-

nese reétz AB,BC, &c, zquales,qua
paresarcus fubtendunt. Sed & angulus
ABC, fangulo B CD & reliquis qua-
wwor fimilibuseft zqualis, eo quedin
aqualibus (egmentis fint omnes. In da-
toergo circula &c.

Propo. 12. Proble.12.

Circa datum civculum pentagonum «-
quilaterum deferibere.

- Indatocirculo ABC notentur quin.
quepuncta A,B,C,D,E, fignantia quin-
que angulos pentagoni zquilateri in
cicculo » delcripti, ad quz puncta ex
centroF ducantur totidem re&tz FA

+FB &c.rurfulque ad earum extrema

ducantur tangentes qu¢ concurrét bin
angulis G, H,K & c. fa@nmque eric
quod petitur, Nam quiain quadrilate-

: ro

-
\
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ro BFCk, quatuor anguli quatuorere-
&is xquivalent, fimiliterque in quadri-
latero CEDL, & anguliad B& C redi
funt, fequitnr angulos BKC BFC duo-
bus rectis zquivalere: fimiliterquean-

H_A G

gules CLD
CFD: cum-

- que BFC &
- CFDfintan-
goli 2quales

7~ cus BC, CD,
# M reliqui BKC
D & CLD eriie
L zquales; pa-

tiq; metho-

do oftendetur angnlosreliquos penta-
goniinter {e elfe zquales. Nunc vero
effe zquilaterum fic eftendo. Dudis
rcctis FG,FM erit quadratumex FGee-
quale quadratisram ipfarum AF, AG,
quam ipfarum EF EG, Quare ablatis
quedratis ¢qualium AF, EF, quadra-
ta reliquarum AG GE manent ¢-
qualia , ac proinde re¢tz AG GEfunt
pares. Cumque anguli FAG, FEG &
continentia latera fint zqualia, erunt

jde FIVES

e u

dob paresar. 427. a
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triangela AFG GFE inxtaq.1. &idcit-
coanguli AFG, GFE zquales. Eadem
methodo oftendetur triangula FE M,
MFD efleiuxta 4.1. acproinde angu-
los EFM MFD effe zquales. Quare an-
guli,EF G, cil (int dimidijgqualia EFM,
eruntinter fepares. Quiaergo ntrian-
gulisGFE,EFM, daoanguli circare-
&am EF funt parés, & latus adiacens

#3615, EFcommuneeft,reliqualaterab&an.
guli erunt ¢qualia. £quales (untergo
re@¢ GE, & EM,dimidiz ipfius’ GM.
Eodem niods oﬂendetur AG efledimi-
diam ipfius GH. Cumque dimidi¢ GA
GE oftenfe fint ¢quales erunc & tora,
ta Jatesa pentagoni GH,GM zqualia,
himiliterque de caeris procedet dem-
Riatio. Ergo &¢.

Propof 13 Proble. 1

Indato pentagono aquilaters & .egmzm .
gwlo circulum inferibere.

Dati - pentagoni ABCDE anguli duo
proximi EAB, AB C bifecentur» per
reftas AT, BF,& i pundle F,in qno co-
surrunt, ducantur ctiam ez FC &

cererz
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czterz ad reliquosangulos. Quiaergo
triangulorum ABF,FBC duo lateraBA,
BC¢qualia funt, & BF commune, an-.
gulique contenti ad B funt pares; eritbé 4, =
totum toti zqualetriangnium; anguli-
que & latera correflpondentia ®qualia;
pares ergo funtanguliBAF, BCF.
Cumgque anguli BAE BCD ponantur

- gquales,ficut BAF eft dimidinm totivs
anguli BAE,ita BCF dimidium erit to-
tius BCD. Hic ergo angulus, & reliqui
_in orbem,{e&i funt bifariam.Ducantur
deinde FG FH &c. fingule Gingulis la=
- veribus perpendiculares. Et quia ¢rian-
gulorum GFB, BFH duo anguli FGB, -
GBF duobus FHE, FBH funt pares, &
A © B latusFBcom-
" mune , zqua-
lia ¢ etiam e-
T riiclatera FG,
\ FH, & his pa«
—\Cri modo -
quales erunt
Fk FL, FM.
: D Quare centro
*F [patio FG duéus circulus tranfibic
erpun&a H, K; L, M, & fic in penta-,
' ' L gono

eab, 1,

K




146 LIBER IIII.-
* gono circalusferit defcriptus,
Propo. 14. Probl. 14.

Circa datum pentagonum xqwlatemm .
& equiangulum ciculum deferi-
b:ru .

Dati penta-
goni ABCDE,
- angulis ABC
B BCD fe@sbi-
fariam per re-
&asFB, FC, in
. F conuenien-«
. tes, triangulo-

ram ABF BFC duo lateu BA,BFduo. -

" busBC,BF zqualiaerunt; & anguliad
- B contenti quales, Bafissergo AF ba-
fi F C zqualis eft; oftendeturque vtin.
fup. prop. reliquas FDFE diiderebi-,

fariam angulosreliquos, & omnesefe -
. lineasinter fe zquales. Centro ecgoF,

fpatio FB duétus circulus tranfibic per
reliqua punctaC, D, E. Cicca datum
ergo &c.

Pfo-_

l ~

e

e
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Propo, 15. Problery. -

In dasocircwlo hexagonum & wilsternm

& aguiangulum inferibere.
- A In dato circu-
1o ABCD, cuius
B centrum G, du-
Gadiametro AD

G
/ \lc culus E G G, fe-

) cans priorem in
" punétis E & G,
dugifque per cehtrum Gad ambitum
rettis CF,EB, junigantur re@z DE,;DC
&c. eritque ttiangulum EGD zquila-

terum; guare eius omnes anguliserunt * 4% '

inter fe pares,& quilibet erit parstertia

\/ centre D; fpatio -
' DG ducatur cir-
]

D

3 duorum seGorum:, cui pecotenias 2. 1

zqualeefttriangulum DGC. lam yero

quiareta EG cadéns cin re&am FC fa-* '

citzquales duobus redtis, cum-anguli
EGD, DGC, fint dug tertiz duorum
reCtorum fequitur angulum F GFefle
partem tertiam 'duorum reorum, &
zqualem duobus prioribus angulis;siic
srgotriad triangula EFG,EGD; DGC

" L2 yndi-

N ¥

} ¥

da 1.
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vndique zqualia; & quis anguli FGA
AGB, BGC funt ad verticem angulis
prioribus, omnes fex anguli ad G funt
2qualés:quare omnes circumfetentizs
AB,&c.funt2quales,omnesque frede
fubtenfz. ER ergo hexagonum A B
CDEF zquilaterum; quod idem eft z-
quiangulum; nam smoes anguli FED,
& Gidhiles conftant dual?s tertijsduo-
rum reétorum, vt oftenfum c¢ft. In dato

ergo &e.

\ Corollariam.

~H;‘:é manifeflum oft latus hexogoyi e~
goale cffe femidsamerro circali; pamWus

DE cqnale ¢t [enndiamesro. DG,

~ Propofré. Proble. 16.

' In dato circulo qnindeugmm «eqﬂild-

- Serum, & equiangsluminféribere.

In dato circulo ADC de_(c:'iBatu‘r
dtriangulum ®quilaterum ABC, & pé-

~ tagonum zquileterym ADEFG, cuius

- angulus vnus conflituaturad aliquem’

angulum trianguoli puta ad A. Quia et-

£0 AB fubtendit tertiam partem circu-
» ' li
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li, fitotus circulusin quindecim par-

tes zquales diuifus intelligatur,in arcu,

AGB eruntexijsquinque; & cum AG.
fitquinta pars, in ecoarcu eront partes,
tres; duz ergo erunt inarcu G B: quo
divifo bifariam in H erit BH pars deci-
ma quinta circuli totins. Quare dudti,
fubtenfi GH, fiaptentur? in circulo

vatuordecimaliz zquales.incipiendo

apun&o B vel H,defcriptum eritin cir-
culo quindecagonum zquilateram ;.

quod ctiamerit ¢ equiangalum,cum c-
ius anguli omnes fubtendant arcus z-
quales tredecim laterum quindecago-
ni: nam angulusHabarcu GH.& cius

fubtenfa comprehenfus fubtendit ar-
btent pLes L com,

"L 4

3‘211.

3,
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cumG A D H & fic de cgteris angult
pluralatera quindecagoni dua effex
In dato ergo circulo &c,- o

VY
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Definitones,

Pars eft magnitudo magnitudinis
minor maiotis,cum minor meticur ma-
iorem.Hoc est,Pars ¢ff magmmda minor
¢ maiare fumpta csm minor, aliguotiesyes
petitamesstsir pracise , <& adequat maio -
_ yem: vt 4. off pars ipfius 12. quia repetendo
ser 4. adequamus 12.71ar hoc libro pleri-
gue numerorum exemplis [wb quibus quan.
sitAtes continue, cum opHs fueris poffunt
inselligi.

Pavtemqug metisny totum folemms A-
liquosam nominare, camque hic folam vi-
deswr Enchidis definire; foles samen pavs di-

- cietiamea qug totum non metstur & vo-

‘ mn pmﬂ Pars Ahigwanta. Sic 5. c53 pars,
. L 4 dpfws
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Sius 12.ctiamfi pracise mon metiatur ipfum
22.Ptrague pars kiac definitione compre-
bendoreinr, T

" DParseff magnitndo maguitwdinis mi-
BOY IASOTIS, CHIB MINOY YEDELIEA IMAIOT CYI
poseff excedere. : '
2 Mualtiplex ¢ magnitudo magnitu-
dinis maior minoris, cum minor meti-
turmaiorem. V2 12. 5t multiplex ipfins
4:qwia4.metitwt ipfams 12. Minor Verbre-
[peltu maioris dicitsr Submultiplex. A&+
guemsliiplices deniqwe magnitudines funt
gued [uis fubmultiplicibus pari numero
repesitis adequaniur., Sic 4.4d 2; ¢ 6. ad
3. funt aquemmltsplices quiaficut 2 bis sip-
tum adaqmar 4. ita3. bis [umptam metis
wré, ‘ '

© Uminerfalins. Multiplex eft magnitndo
magnitudinis maior minorss, cums minor
vepetita maiorens potest excedere. Sic13.
est multiplexipfins. e,
3 Ratio eft duarum magpitndinum
ciufdem generis mutua quadam fecun-
dum quantitatem habitudo. Qwod Gre-
GiAdyos dicunt, Latini veddunt nunc Ra-

#i0, munc Proportie, & bis vocibus viemmy
promifcut, Eit erge ratio few proporsio ba -

- bitu-

e me o s i
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bitudo quadam fecundum quantiterédua-
vHm magniswdinums eiufdsm generis. Non
enim confervi poffunt linca cwm fuperficie,
Jedlineacum linea, fuperficies cnm fuper-
Magnitudinum verogue inter fe confe-

runswr poiest vna alteram fuperaré excef~

Jwqui numeris exprimi poteft, vt cxmex-
cedit vna fecwnda fen dimidio,vnatertii,
Unaquarta, aut fimiliexcels, cuins habi-
tudo numerisconcipipoteft: & snter buinf-
modi magnitudines efi Propottioratio-

nalis. e 25z magnitwdo magnitudinem f4- . .

peras exceffu gui numeris exprimi pracife.
non potefl; & snter eas ¢ff Proportioirra-’
tionalis. Sicinter diametrum & coStam
fes larns quadrati et propertio srrationa-
lis, quia diameter excedis coftam exceff
gui negue ¢ff vna fecunda cofle, neque vaa
sertianeque in vila alia comparatione, que
numeris poffit exacle definivi; fue ad cofta
comparetur , fine ad ipfam ecsiam diame=
sram. Porro quantitatum inter quasex-

" primiitur proportio que prior in caft nonss-

nands foler efferri, dicitur antecedenspo-
Sevior gue fubijci foler in alio cafu,dici-
#wr confequens, UVt cum dico nwmerus 4«

‘ est

+
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eft duplumipfius 2,vel 4. off dupluns ad ip
fum 2. Antecedens et 4. confequens 2.
+ Rationem feuproportionem dicti
tuchabere inter fe magnitudines quz
multiplicatz poffunt {e matuo fopera-
rov Nwllacf igiur proportso finstiadinfi-
nitum., linee ad fuperficiem, cumnulla
mnlsiplicationt poffit uperare ant finituns
infinitum , aut linea fuperficiems.
5 Incadem proportionedicuntureffe
magnitudines prima ad fecundam &
tertia ad quartam, cum primz & terti
zquemultiplicia; 4 fecundg & quarta
#quemultiplicibus ( quecunque fites
mulciplicatio) zlterum ab altero vel
vnadeficiunt, vel vna ¢qualia, velvna
maiota funt, fi fumantuc vt inter fe
refpondent.
- Hocelt, fidentur quatnor erdine mq;-
witndines & fumproquosss aquemnltipli-
i prims ¢ tertia,itemgue codem ant a-
bio equemuliiplici fecunde &b quarta, fim-
per eucnias vt cum multiplex prime fupe-
TaL, dquat, aut non astingst multsplex fo-
eunde, multiplex etiam tertia fuperet,g=
gues,anc now attingat multiplex quarte,
tum demmm dsces ¢ quarnor illis magnitu-
i dswibws
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Ainsbus primam in ea proportione cffe ad
fecundam in qua ast seriia ad quartam.

' - Tales  funt magnstudines
8 16 12 2 .4
12 1218 Ig ABCD:nam fi fumatnrdn -

lum ipfarum A & C, tri-
i f l; 2 ;lnm vere ipfarnm B D,
A B C o t¥nc vt mubtiplum prime
quodefl 8 fuperas maultiplum
fecunde 6, ita multiplum ipfius (, fuperas
wultiplum ipfins D. In [equenii vero ordi-
neingue fumitwr sriplum prima & tertig,
fextupluns vere fecunds ¢r quarse, multi-
plafuns pariscr equalia; Acdenigne in fu-
premo ordine fumptoduplo primg ¢ tettie,
olluplo vero feeunda ¢ quarte, ficns mul-
tiplum prima minns ¢5t multiplo fecunde,
ita mnltiplum tevia multiplo guarte; Ne-
gue alind cuenict imalia vila multiplica-
tione. Ex guo colligimus primam ad fe-
cundamincadem effe ratione,inguaeff ter=
tia ad quartam. :
+Ab hoc indicio inbet. Enclides inuefls
gari an maguundines in cadem proportione
Jimts qued qmomsodo cum natars intima
properstonalium gobereas fic offendo. Qur~

Tatio few propertio eSt magnitudintm fe-

ewndum quansijatem comparatio; won est
_ T “alind
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alind magnitndines in eadem yatione offe,
" guam effe in cademca mparationcfen babi-
tudine maioris & minovis,sotius € partis;
Jinemen partis latins [ungasur, vt compre-
bendamus etiam proportionem irrationas
bems. Non poscff antem é guaswor magni-
tudinibus prima candems babere compara-
tionems maisris adfecundam minerem,
guams babet teviin ad guartam; mfi fecan-
da ¢ quartapari sumere multiplicase fi-
mislster ¢ babeant ad maiores, guo ad ex-
ceffum, &8 defellum. Sienins exempligra-
tin cum fecwnda B ser repetitanon exce-
dat privsane oA, quaria tamen D serac-
13 ' g 2 ceprafuperctsertiam C, ma-
ABC D nifeftum erit D wom effe it
= T e mminnsipfo (, fiews B ipfo A;
" awtguodide eft,((won efeita maiusipfo D,
' ficus et Aipfo B, atqme adeo quamor illas
magnitndines 1o eflcin eade ratiowe. Is ve-
vo pernde eflcoferre minores magnithdines
- Bdr D,admasores fingulas A €4 C,atq; ad.
eafdem A & (pari ummero muRiplicasas.
Nam necefie off guogne fimsiles partes codé.
mods ¢ habere quo -ad. exceffum & defe-
tum ad fua vota aqualicer multiplicasa.
Si enims cwm'B [exics famptum, non cxce-

<
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dat Abis vepetitam,D tamé fexies accep-
sum, fuperer C bis repetitum; manifesinm
etsaminde evis Buon cffe talem partems ip-

fins Aqualis eff D ipfius C,few quod idé cfl,
Cnostacffe mainsipfo D.ficus eff Aipfo B.
Hdipfum vero cst.quod Euclidesdocet; is-
bet enim maiores magnitudines o4 & C
aqualiser multiplicars, [eu prima €9 teriid -
Jumi aquemnlsiplices , mulsiphcati eviams
equalsser minores,fenpartes B D; &
Jemper eodem modo fe babeant inexceffu &
defelluadtosa A & C aqualiter maultipli-
cata, relic coliigit , Aeffein caratsone ad
B,inquaofl [ ad D.Atque boc fane gui pe-
-wisins intellexerit,perinde effe in coparatio-
nemaioris ¢ minoris, [(#1n proportiose;,
conferre unum ad vnum , atqueplura ad
plura pavi numero mulisplicata, magno
compendio veritatem om ninm prope theo=
rematnm bwins elemits penesrabit,cadem s
gue fine longo [ylogifmorwm circaity refol-
sces flatim in prima axioma:a, Omnesotié
effe aquale omnsbus fimul[uis partsbus, €3
¢contTA omnes part  tots igmales effe,alia-
qse bisaffinia proxuntiara, Neque vere te
moucas guod sn buins definitsoms explica=

tianc exemphum adbibw:Tsm numerorsm,
: i
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in quibus femper e5t proportio vationalis,
crzm tamen indiciwmab Euclide allasum
valeat er1am in irrasionals; perinde enim,
fucrit fi loco mumerorum smagnitudines
fabSiitkas in proporsione fom rationals fes
trrationali confiitwsas: quodsdemintells.
paintinomnibus exemplis buius clementi.
‘6 Magnitudines qugin eadem ratio-
ne feu propditione {unt Proportiona-
les voedtur. Ve maguitudines i4,B,C, D,
' 4 2 6 3 {uf;t ‘proporfiangks gmia .lmu
N prieves, ¢ bingpofieriores
AB D funiincadem proportianc_;. .
7 Quando zquemultipliciom multi-
plex primz exceflerit multiplicem fe-
cundz; & muleiplex tertiz non excel-
ferit multiplicem quartz ; maioten
proportiynem tum habet primaad fe-
cundam,quam tertiaad quartam. Paset
bgc definitio ex quinta . Neque alind vult,
qeam fi dicas, maiorem effe proportionems
primaad f:cadam quam tertie ad quaria,
cam inter primam maiorem & fecundam
minorem maior off inaqualitas,quam inter
vertiam & quartam.Hoc autcm inncfliga-
viinvet eodem quo i quinta definivionc v-
Jus et indicio Sienim cum duplum pr;mg

A J
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8 6 12 15 oA excedattriplum fecunde
42 6 5 B, duplumiamenicrtigCni
AB C D excedas tviplam guarsg D, fa-
vis pasebst maiotem effe excef-
fom ipfins A fupra I, quam spfius C fupra
D ifenprimam A nasorcm babere ravio-
wem ad fecundam B, quam teriiam Cad
wartam D,
3 Analogia feu proportionalitase@
ationum feu proportionmwm fimilitu-
(’io. Qwia Latini Rationem & Propor-
sonems pre eodem funonnt quan Graci As
ialogiam dscsent : nos Propertionalitatem .
Yistinilionisgratia nominabsmus. ESt er-

o Fropertionalstasrationnm fimilitado.
t fimilisudo qua off inter proportionem
Tuplam quantitatam 6 & 3,¢5 inter aliam ™.
‘uplam quantitatum 4 & 2,dicitnr Pro-

sortionalitas.
9 Proportionalitasin'tribus minimii
terminjs conflittic. Cam enim fit firmslirsn- -

“ do duarum proportionum , & vraquaque

proportio fit inter duos termines, quatnor
teyminos vequiret Propoviionaliras s nifi
terminus ynnus bis veperainy :ve cuem dico
Jiem8adgna g ads Ettunc yes termini
ad propartionalstatem fufficient.

4o Cum
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g0 Cumtres maguitadines propor-
tionales fuctine, prima ad tertiam du-
plicatam rationem habere dicitur cxus,
quam habetad fecundam. 'thma pro-
porticaal:s funt 8,4, 2,prima8 adsertians
adiciwr duplicatam babere proportionens.
cins quam habet adfecundam 4

1r  Quando vero quatuor fuerintpro
potnonnles magnitudines, prima ad
guaitam cciplicatam babet propomo-
nem, &ita demceps vio ampllus, qui-
diu proportio extiterit.

12 Homologx dicuntur magnitudi-
nes,antccedentes quidem antecedenti-
bus, & confequentes confequcnnbus.
Utin qratwor mztgmmd:m!ms propertio-
nalshus 6 3, 4.2, prima6 @ teriia 4 qua
Junt antecedentes dicuutur homologe, ficwe
O confequentes 3 @ 2. .,

13 Alterna fen permutata propomo
clt fumpno antecedentisad anteceden.
tem, & colequenus ad confeﬂucntem.
de qua agiiur prop.i6. vt fiest, ficut 6 ad

31ta g ad 2, erit antecedens 6ad antéce-

dentim 4 ve conﬁquen; 3 ad confequen-
Ctevi 3.

’# Conuerfaratio et fumptio confe-

. ‘ quen-

. ——
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quenns vt antecedentis ad anteceden-
tem & ad con ﬁ:quentem Deguaprop.4.
Utfieft, ficut 6 ad 3.ita 44d2, erss cou-
wertendo.
. ¥Pr3ad6itdrady. -

15 Compofitio rationis eft fumpuo
antecedentis com confequente, velut
vnius,ad conlequenttm Degwa prop.i8. .
Urfiest, feus 6ad3ita'g ada: Em com~
ponende. .

Ut g ad3 . itadada,
16 Dinifio rationis et {umptio ex-
ceflus quo confequenté fuperatante-
cedens, ad ipfam confequentem. D¢
qua prop.17.
V1 fi off ficns 9 ad 3 ita6 ad 1 evit dinidédo.

Vit 6ad 3 itagad 2.
17 Conuerfio rationis cft fumptlo
antecedentis, ad exce(fum quo antece-
dens fuperat confcquentem De gua
propo.19.
Ut fiestgad g_/icm 6ad2. Erit per con-

usrfionem rationis.

Vt9ad 6 ita6 adg.
18 Ex zqualitate ratio e@t, cum fue-
rint plures magnitudines, & alix ipfis
pumero xquales, qug bing & binzin
M eadem



162  LIBER V.

. .eadem ratione fumantur, fucritquevt
in prioribus primaad vhimam ; ita et

in pofterioribus. Veleft siptio excre-
marum per fubftradionem mediarumm:.
Us fifins plures magnitudines 4,8,C, &
alic rosidem D, E, F, bina € bine binain
eadsm vasione, hoceff vt A ad Bita D ad
&, vt BadC,ita E ad F; evit ex aquo in
priovibus. A ud vitimam C, ita ctiam in
pustersoribus prima ‘D, ad F.

AB(|Dé FQ
11.16;3‘8' 4 2C

Exagquo 12 adz 8 ad PR

19 Ordinata proportio et cum fue-
ratveantecedensad confequentem,ita

antecedensad cofequentem, fueric ctid

vteconfequensad aliam quampiam,ita’

confequens ad aliam quampiam.
Daupliciter institus posest propertio ex
equalisate vno modo quanda tam in prio=
ribys quam in posierioribus comparantuy
prima cum [ecunda, & fecundacumter-
Yia: @ haceit ordinata proporiio que hic
definitur & de gua agitur prop, 2.2: eiufgme
excmplum pofisum estdef.18. Alsero mo-
: . Ao

N 3
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do fit proportia ex equo, cum ordo pertwr-
bainr in !oﬂertortbu:, vt ap;mrebxt deﬁm—-
tioge fequehiti. * . |
19¢ Petturbata proportio eft cum tri-
bustxiftentiboy nmagoitudinibus & to-
tidem alis; faeritvein prioribus ante-
_cedensad coniequm tem , itactiamin
poﬁenotrbus .1 vtautem in pnonbus
cnnfequens ad aliam quampiam, itain-
pofterionibus al'a qua:pmn ad antece-
dentem. -

Urfifis qmmadmodum in prwnbr« A
ad B,itain pofterioribus€ ad F, vt vero in
priorsbis B confequensad aliam quans-
piam C,ita’'in poileriovibus alia quapiam
D ad antecedentem E, evit bac perinrbatad

phparm deqna dguur prop. 21. €23,

Ex equo1z 4 1n 4
Lubétad extremum breuf chemate
ponere fub oculosomnes hafce pro-
portionum formas quas animo firmi-
ter comprehendifle plurimum tyroni-

bus proderit.
o 2 Quia
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Quia cft vt o ad 3 ith 6 ad 3

Evitetiam,

Pirmutands 9 6 3°)
Consertendo 3 9 £y
Compenendo PV 12 P ad ;s > itasl s ad.
Distdende R 8N 3 I
Por Con.vat 9 . L %%

Proportio ex zquo.

 Ordinma. Persurbasa.
AB C,l'DEF A BCIDEF' :
gué ;’8/4‘ 2|{r2 8 4]1264%

Ex gguo 124d 3 8adz ¥iadg 134dg
o Negne vero difficile et aduertere ex ipfis
nwmeris in omnibus hifce ordimibus qua-
ruor magnitudines effe proporiionales, fem
minvres quantitates effe fmiles maiorum
partes: Naminpermmiasa ficwt 6 cff pars
[ubfefguialiera ipfins 9, ita Zipfiws 3. Sew -
© quodidems eft, ficwt G femel comtineiuy in
9 & fuper[unt 3 parsdimidiaipfius6; ita 2
femel continetur in3, & [upereSt 1. pars
. dimidia igfiusa.[dem in veliguis ovdimbus

dtprebendes. :

S 0 o0n

w&w&mﬁww
ST
BEFFREFPEFTRFE

v ’ Pro- -
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“Propafitienes.
" Propof 1. Theore.7. .

Si fucrint gmotcunque magnitudihe; -

quostcunque magnitudinum wumero
aqualium _equemultiplices fingula
[ingularam; quammultiplex ¢ff vna

< unins, tam multiplices erumt omnes

omRiuM.

E105 B yoceft, £quemleipli

\/ ciummagni;udinu‘mquam
. “multiplices funt fingula

6 3 4 2fingnlarumg tam muleipli-
A B Cgces funt omnes omnium.
Ve quia gquemultiplices func A ad B,
CadD;6A & Ccolliganturin E, fimi-
lirerque B & D colligantur inF,quam
multiplex erat Aipfius B, tammulij-
plexeritEipfusf. ~ * -

" Nor enim maiora aut minora fung
‘fotaquam {ug omnes partes: nonpo-
telt proinde totum E pluriesvel pau-
cierenumero continere totum F, qui
A& C partes omnes totius E, contine-

-8t B & D partes omnes totius F.

"Mj;  Pro
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Propofitio2. Theore. 2. -
Si primia fecunde ﬁ:erzt ita imf{tzﬂex vt
tertia quarte, fuerst autem & quinta
multiple. fesunde vt fextaquarie; e-
erit compofitaes prima ¢ quinta fé-

cundetta multiplex, vttersiach fes- -

taprime.

Sit prima A itamuleiplex fecundz
B,ficattertia C quarte D: quinta vero
Eita multiplex fecundg B, vtfexta F
quartiz D. Dico compofitam ex prima

Gy H ro =~ - %

6y 4 2 9 6
AB.C D E F
A & quintaE hocelt G, itamaleipli-
cem fore fecundz B, ficat compofea
 extertia & fexta hoc et H, multiplex
etquatzD. - -
 Nam quia B& D fecunda & quarta,
continétur pari numeroin fingulis fuis

r‘pulti'g‘lig\i_b_ps,contir}ebuntutquoqu: '

4 pa-

!
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s parinumero in multiplicibas colle. , ; .

&ishoceltinG,&H. !
_ Propo.;. Theore. 3.

84 lnfim}  fechnde it eff mal.;iplex’ v

tertia quarte,e prime ac sertie fu-
mantur aquemnltiplices; erit multi-
lex prime tam multiplex ﬁc’umlf.

guam multiplex: eft multz;p_lex tertie -

ad quartam

~ Vtquia A continet B, ficut Cipfam
D;fi fumantur E & F zquemaltiplices
iplarum A & C; B contmebitur toties
inE, quoties D inF. '

E 8 F 2 Namfumeremultiplaip-

2 6 farum A & C non eft alind
+ 3 quam fumere pjuces A & C;

A BCDgjcy, ergo B & D ¢qualiter

continebantur in fingulis A & G, con-
tinebuntur ¢tiam s zqualiter in ijfdem

- A & C parinumero mulciplicatis in E

&F. o
L

. M4 - Pres

LR AN
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. Propofitio 4. Thgore. 4.

Siprima ad fecundam -eam propertio-
nems babuerit guam tertia ad quarta;
habebunt quogue eandem rationenms
aquemuliiplices prime & tertie ad

- efuempliiplices fecunde & quarte
iuxta quamuis multiplicationem, fi
Samantur vt inter fe xe/,ﬁmdmt. .

EF G H Vil Ahabuériceam pro-

8 6 12 o Portionem ad fecundam B,

qui habet tertia Cad quar-

426 3o, D; fumptis E & G @ °,

ABCD quemaltiplicibus ipfarum,

A & C,itemqae F & Hijldem vel alijs

gquemultiplicibus ipfarum B & D:eric

Emultiplexipfius A, ad Fmaltiplicem

ipfius B, ficac G multiplex tertiz C, ad

 Hmuhiplicem' quartz D. Nam, veex-

plicuimus addef. g, in ratione maioris
& mineris, fiuein proportione, perin-
de ¢lt conferre (ingulas B & D, ad fin.
gulas A& C, atque B & D =qualitec
multiplicatas, ad A & C pari inter {e
numero muliplicatas..Si ergo ngulz.
A& G,adfingulas B & D codem mo-
o T T doke

i -
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" do fehabent, e¢dem A& C xquahten

muluphcata‘ in E & G,etunc etid inca-
demrationead B& D zqualiter mul-
tiplicatasin F & H.

T GTF U
!ﬁ.
1

KMN L

Longiore circuitn
idem alij fic conclu.
dupe :Sit primaAad
fecondam B ficutter-
tia C ad quartam D.
Sumpns deinde E&

F, 1p{arum A& C .
zquemultipliabus &
G & H zquemolti-
phcubus iplarum B

' . & D. Dico fore etid
E multiplicem primg

A, ad G multiplicem
fecundz B, ve et F
multiplextertig C,ad .
Hmultiplicem quat--
tz D.Accipianture-
nimK & L ipfarum
E,F,& M,N ipfarum
GH qquemulnphces
Tunc vero quia gque

* “mulriplexeft E ipfius

AvtF :pﬁus C;accep-
tz-} .
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teq;siitiplariEF xqz;cmulti'plices kL,

ita ergo multiplex ¢it kipfius A ficuts
Lipfius C. Eadé de canfaita multiplex
et Mipfius B,vt N ipfius D. Et quia eft
vt Aad B ita Cad D,acceptzq; funt ip-
farii A, C zquemultiplices K, L,ipfari
vero B,D aliz qugcunque M, N:ergofi
k ¢ fuperat M, fupecabit& L ipfam N,
& fi zqualis, zqualis; & fi minor, mi-
nar! funtque K, LipfarumE,Fzque-
multiplices,M vero & Nipfarum G,H.
Eltergo vt Ead G itaFad H. Siergo
prima ad fecundam &c. - .
Hac ingnam forma demonfivandi per
affumptas aquemnliiplices infequentibus
quogue propofitionibus poteft adbiberi,in
quibus ego vrar compendio. Nam defini -
tione quinta rite percepta facil: affeque-
psur earnm propofitionnm veritarem abf-
gue longo illo ambitw aquemsnltipliciume.

Ruod femel hoc loco monmife fit fasss.
Corollarium.,

Ex bac pra'poﬁtione demo-

4 26
4 3 Srari poreft Propefitio coner-

-ABCD fay g tamsen ex serminis [a-

tis ef enidens. Nam fi A off ita mains spfo -
. ' ‘ B -
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" B, fiewt Cipfo Dsfaris off ewidens B ita mi-

nus fore ipfo e, ficus D minus eft.ipfo
gue funt vaungs & sdem . Negue alisd off
proporsio conwer(d. ‘

Propo. 5. Theore. 5.
i magnitudo magnitudinis ita wulsi-
plexfuerit vt ablata ablate; reliqua
relique ita multiplex eyit, vt tota
1otius. .-

Vtquia Aita multiplex et ipfius B,
ficutablara C,ablatz DjeritretiduaE,
E 4 F 3 refiduz Fitamultiplex,ve
C8D tota Atotius B.Stenim cix

4 A e duplum ipfius B, &
A 12 B 6 pars ablata D, dupla fimi-
licer partis ablatz D, non effet refidua

-EduplexrefidugF, non continerentur,
‘omnes partes totius B,in omnibus par-

tibus totfis A, ficut tetum in toto;

‘quodabfurdumeft. Eit ergo refidua
refiduz ita multiplex, ve cotatotius. -

R

‘Pre-
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' Propo.s. Theore. 6.

© Siduemagnitudines duarum magnitu- -
dinum .cquemultt;alim fuerint , &b
ablats quadam carundim equenssil-
tiplices, erunt religue jfdem vel -
quales vel equemmltiplices. ‘
G2 H;3;|G8H 12
e® F;;IE'4 F 6 -
A1w2B18[An B8
C2 D3|C2D 3
- ¥rquia dug magnitudines A,B,dua-
rum C,D,funt zquemulciplices, fi au-
ferantur ex A, B queuis ¢quemultipli-
cesearundem C, D, puta E & F; refi-
duz G & Heruntij{dem C & D autg-
guales,aut gquemultiplices. Cumenim
C & D xqualiter contineantur in totis
- A & B, & in corum aliquibus partibus
E & F,zqualiter quoque continebun-
turin reliquis G & H. Quare reliquz,
G & Hautijldem C, D, funt zquales,
aut zquemultiplices. In priore exem-
plo funt G,H zqualesipfis C,D, in po-
fteriore ¢quemultiplices.
- Pro-

(
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/Prqpo.;'.' Theore.7. \

-

Zquales ad eandem magnisudinem, &
eadem ad aquales eandem  habent
~ proportionem. L
i42 Vt.ﬁ A'& B ﬁpt. zquales
magnitudines, qugerit propor-
A BCy, vnios, putatpfius A, ad C;
eadem eritalterins B ad eandem C.Ité .
quam proportionem habet C, ad A;
eidem habetad B ¢qualem ipfi A;quod
manife®tum eft ex terminis. -

,Propo.ﬁt_i;o .8 Theor. 8.

Inagqualium magnitudinum maior ad
eandem, maiorem  habet rationem
quam minor. Et eadem ad minorem,

. maiorem_habet vationem quam ad
massrem magnitudinem. '

6 4 2 Vi doanum magnitudinum /
A & B, A maior rationem ha-
ABC .

-~ bet maierem ad C, quam ha-
beat Bmaior ad eandem C:maior enim
proportio eft,vbi maior et exceflus fe-
cundum quantitatem. Infuper maioré
rationem habet A ad minorém magni-

, " tudis



4

"ABC|DEF

74 LIBER V.
tudinem B. ob eandem cauflam: -
. Propofitio . Theor. 9.

Due adeandem eandem-babent ratio-

. "nem, xquales funt magnitudines. ItZ
adquas vnacadem habet rationem;
Sunt equales. '

4 4 2 VequiaA&DBeandemha-

ABC bent rationem ad C, {untin-

ter fezquales. 1t quiamag-

nitudo C eandem habet proportionem
ad A & B necefle eft ipfas ‘A & B inter

fezqualeselle. Eff connerfa prop. 7.6

per fe ewidens. T
Propo. 16. Theor. 10.

&Magnitudinum habentinm propertis-

nems ad eandem,  qux matorem ba-
bet, ea maisr eff. Cum vero eanden:
adduas habet rationem | ea adquam
maioreftratio, est minor. :
642|624 Vifi Amdiorem
habet rationem ad C

~ " quam Badeandem G,
A maior eritquam B. Item {1 D habet
. maio-
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. toaiorem rationem ad E quamad F,- E
minor eft quam F. Conuerfa. ol prop e..
. @ per femanifefa. :
Propofi. 11. Theor. .
Quseidem eedem funt ﬁrapartzamx, &
- interfe funt eadems.
4 "z‘ 4 2 Vil proportio-
|- nesipfatrum A, B,
EFICD & ipfarit C,D fing

4 2
A

ezdem vni tectiz ipfarum E, F erunc e-

tiam cgdem inter fe.

Propo. 12. Theor.-i2. o

Si quotcwngne magnitudines ;ropomo
nalesfuerint, erit vt vma anteceden-
- tium ad vnam co;{ gnmtium, ita
omnes entecedentes ad ommes conf -
guentes.

’ thcﬁAadchut CadD cmE
hoce® omiiesfimul antecedentes, ad F
_omnesfimu} confequentes, ficut'Aad
) Bvel Cad D.Cum ¢nim tara E& F fint
{ divifa in' codidem partes, Equidemin
‘A & C, Fvero inB & D, quz fingule
l, - ad ﬁngulas eandem habent rationems;
l v noen

-~

]
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E !l’:) F 5

4 2. . 6 5

A B - C . D
honpotettillaproportio effealia qui
qu2 totorum intert {¢; alias omnes par-
tes, omnibus partibusaliter effent ma-
iores & minores,quam tota ipfa: quod
fierinon potelt, cum totaaliud non finc
quam omnes [uzpartes.

. Prqpoﬁr}. ‘,Thdo;.z;.

Siprima ad fecundam eams babuerit ra-
tionem,quamtertiaad quartam;ter-
tia wvero ad quartam maiorem ha-

beat, quam quintaad fextam, masor -

guoque eritratio prima aafﬁmndam..
quam quint& adfextam.,

9.3]6 218 4 Hoceft. Earii-

"ABI|CDJEF . ~
. " " poartionum fi vna
maior eft quamaliqua tertia, etiam al-
: tera

dem daarum pro-
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tera mhior erit: vefi {unt duz rationes
cxdeminter AB & CD,fitautem maior

. 1atiointer C, D quam inter E, F; erit

quoque maior ratio’inter AB qud tncer

EF: quod ex terminis notom eft. )

. Propo, 14. Theorer4. .

Si prima ad fecundam eam habuerit ra-
tionem quam 1eriia ad quartam fit
antem prima magnitudo maior qui
tertiayfecunda queque maior eris gui
-qwartas [i miner, minor; i equalis,
woqualis. L

63 4 2 Vifi fuericA ad Bficut
CadD, & Aminor fitqui
ABCD. C; maior guoque eti?: B
quam D. Cum enim B & D totorum
A & C ponantur efle pattes fimiles,fi B
fit pars maioris A Cvero minoris D,
neceflario Bmaiorerit quam D. Quod
fitotum A, toti C,aut zquale effer aut
-minus, talisetiam foret pars B,! refpe-
&tupartis D, vt fatis conftat
BAL LA
PEEI AN ARR
B 5 VN 000 ¢ e SIS
BRIt e Tt
: N Pro.

&
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Propoﬁuo 15. Theore.ys.

" Partes cum pmter multiplicibus eandéd

proporisont ¢ habent fs [umatur vt (5 -
bi refpondent.

12 4 62 Hoceft.Partes patinu-
meto contentz in fuis to-

B
ABC D tis, eandem feruantintec
fe rationem actota ipfa. Vt magnitu-

"dines B & D quz funt codem numero

in totis A & C, eandem intec fe habene
rationem quam tota A & C.Namfito-

tareloluantar in omnes pastes fimiles

ipfis B & D,tunc quz erit ratio cuiudli-
bet ad quamlibet, eadem erits ragio-
omniumad omnes, {eu totius ad totd.

Propo. 16. Theore. 16. '
Si quatuor magmmdme: proportiona-
les fuerint. etigm permutate propor-

. dionales erunt.
EFGH  Vtfieft A ad B ficut
89 8 4 Cad D, erit etiam pet-
mutando vt A ad C, ita
6 3 4 2 Bad D,quz eft alterna

feu permutata propor-
AB C D tio Sumpus enim E,F,ip-
facum’
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farum A,B, & G, H,ipfarum-C,D,qui-

bufcunque xquemultiplicibus, erunt

multiplicesEF, GH, in eadem ratione -,
-cum fubmultiplicibus s AB,CD. Qua- ™ *

rc EF, GH erunggproportionales, ac

proinde fi E maior, minor, aut parfic

1pfi G, talis quoqueerit F ad H. Sed E,

F.ipfarum AB, & GH ipfarum C,D

funt: vtcunque 2quemultiplices. Eft. _

eérgo vtA #adC,itaBadD. b g s

- Prop‘oC 17. Theor. 17.

St tamo{ite mlgnitudiné: proportiona-
les fuerint , & dinife proportions-
les erams. o :

A ¢ C,B  Sint compofitz mag-
W_E witudines AB, CB, DE,
6°, 3~ FE proportionales, hoc

, - eft,vt ABad CB,ita DE,
ad FE; Dico fore etiam dividendo, vt
ACad CB, ita DF ad FE. Quia ehim
CBelt talis pars totius AB, qualis FE
totius DE, erit CBad reliquas compar-
tes AC, ficut FEad religuas compar-
N 2 tes
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A C4 B tes AGC, ficut FE ad reli-~

DR_P_"“_ quas compartes DF. N&
enim poffunteffe fimiles

partes refpetutotorum,

nifi etiam fint (imilgs refpedtu fuarum

compartium, vt {atis manifeRum eft.

Corollarium.

. * Ex hisdemonitrari poteft proportio ex
conseyfione rationss: INam in codem exem-

plo,cf

Vet AB ad CBita DF ad FE,
Et diuid- Vet AC ad CB ita DF ad FE.
Etconue.Ve CB ad AC ita FE ad DF.
Ergocdp.Vt .AB ad AC ita DE ad DF.

Que postrema cft conucrfio rationss suxta
defiutionem 16. 5.

Propo. 18.  Theore. 15.
Si dinife  magnitudines pmparmmks

[uerint , ¢ compofPe propammz-

les -erunt.

Hocet, in fuperiore czemplo fi par-
tes €B. FE fimiliter {ehabeant ad reli-
quas compartes AC&DF; fimiliter
quogque e habebuntad teta AB & DE.
Eft conuerfa pmudmm. -

I’\'ro"-‘

;-
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Propofi.1s. Theore. 1.

Sifueritvttota ad totam, ita ablatasd
ablatam, & reliqua ad reliquamerit
vt tpraad totam.

E4 F2 Vtfiablatz C&D fint
_ interfein ea ratione, qua
C8 Dy tot® A & B, crunt eciam
‘A12 B6 refiduz E& F, vitotz A
~ & B.Cum enim ablacaC
ita maior fit ablatd D, vtrota A, toti
B; iE refidua non effet eodem modo
maior refidui F, aliter effent maiores.
emnes partes omnibus partibus, quam,
totum tote: quodficrinan poteft.

Propof. 20. Theore. zo0.

Si fuering tres. magmtadme:, ¢ alieto-
tidems, binety bine in eadem ratio-
1eseX 2940 autems prima mazorﬁm:t
“quam tertia; erit ¢¢ quaria maior.
quam 1fextay & fiaqualis, tgualts, B
winor, minor. ‘

.~ Sinttres magmtudmesA B C,&to-

‘tidem alie D, E,F, bing & bingin cadé

ratmne, hoc et vt AadB,itaD adE,&
: Nj vt

N
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'1206 86 4 vtBadCitaRad

ABC DEF [:DicofiAma.

ior,minor, autpar
$ripliC, talem etiam fore D refpectu
ipfius F. Sit primum A maior quam C:
Quia ergo A maior eft quam C, &'da-
turalia qugdam B, habebit A ad B,ina-
iorem arationem quam C, ad eandem

" B.Eft autem ex pofitis vt A ad B, ficD

adE& vt B adCitaE ad F:ergo con-
vertendo,cft ve Cad Bita Fad E; quare.
D ad E maiorem ¥ habet rationem qua’
Fad E;maiotergo eftc D quam F.Simi-
liter procedet demonftrasio i Aipfi C
aut ¢qualis ponatur, aut minor, Stergo
fuerintceesmagnitudines &c..

4 " . Nequetantum
12963186 42 veraclt propofi-
AB CG|DEFHY tio fiternz mag-

" nitudines (uman-
tur,fed etiamfi quatetng & quouisalio
numeto; {earper enim £ prima in prio-
ribus minor, maior,ant ¢qualis et vlci-
mz,ita etiam eritin pofterioribus. Ve

-ternis magnitudinibus ABC, & DEF
addantur G & H,lirque Cad G,ficut F
ad H, wnc omiflisB& Eerunt ACG,

B ’ & DEF
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& DFH ternz & ternz magnitudines,
& de his procedet demonftratio prius
facta; .

Propo.21. Theore. 21,

Si fuerint tres magwitudines, ¢ alia
gotidem , bine ¢ bine in eadem
[edperturbata ratione, ex equo auté
primamaior fuerit quam tertia, erit
etiams quarta maior quam fexta:
minor, minersfi equalis, equalis.

Sint tres magnitudines A,B,C,& to-
tidemahi¢ D,E, F,binz & binz in eadé,
fed perturbata ratione; hoceltve A ad
B,icEadF& vtBadC, fic D ad E.Di-
co, (i A maior fit,minor,aut zqualisip.
fi C, talem quoque fore D refpectu ip-,
fius F. Sitprima A maioripfaC. Cum
igitug A fic’'maior quam C, & dctura-
alia qugdam B, habebit # A 2d B maio- «#.s.

rem rationem qui
1284 164 C ad eandcqu;
ABC DEF f{edex pofitisvi A
adB,itaeftEadF,
&vtBad CitaEad F, erga conuerten-
dove CadB, itaEad D: quarcEadF
' N 4 ma-
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maiorem habet rationem, quam & E ad

- D.Minoreft cergo F quam D. Simil -

ter oftenderur (i A minor fit,aut zqua-
I ipfi C,talem quoque fore D refpedtu
ipfius F. Siergo foerint tres magaitndi-

nes &c, . :

)

Propofitio z2. Theor.z2.

Si fuerint quotcungue magnitudines, &

alietotidem bine ¢ bine in eadems

ratione fumantur , erunt guague ex
#quo i1 cadem ratione .

I» 9 6-8 6 4 Sint quotcung;

, p magnitudines, AB.
ABC 'D,P' F C, & aliz totidem

DEFin eadem ratione; hoc et ve Aad
B,itaDadE, &vt Bad C, ita Ead F.
Dico ex zquali fore illasin eadem ra-
tione: hoc cft, fore Aad C, ficutDad
F.Quia enim oftenfam e i A fuperat
C,D quoque fuperare F, & fi minus,
minus &c. ita quoques erit in ¢que-
multiplicibus: hocautem eft quatuor

magnitudines A, C, D, F, efle propor-

tiopales,

Pro-

P
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Propo.z;.. Theore. 23.

“Sifuerint tres magnundines, & alie to-

* tidems bine & bine in eadems fed.
perturbataratione, erumt esiamex a-
guoincadem ratione .

1284 né 4 -Repetatur pro-

ABC DEF po. 31. cum . ex-

emplo, inquo-
cum probattfit,fi A fuperat C,D quo-
que fupegare F,aut minus effe, &c." ita
quoque erit in - gquemultiplicibus .

Quarceltex¢quovt A ad C,itaDadF.

' Propofitio 2¢4. Theore.24.
Siprima adfecundam fuerit vt tertiaad
quartam, quinta awtem Adfecundi
eam habeat rationem quam fextaad
quartam,habebit compofitaexprima
& quinta eam proportionem ad [e-
cundam, quam tertia & fexta fimul
“ad quartam. - =
10 42 6315  Quiaenim {e"—
cunda B eft talis
EAB CDF “pars fingunlarum
A &E primz & quintg,qualis et quar-
SR ta
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- 1a D fingularum C &F, erit quoque B

talis pars colletarum A & E,qualis et

D colle@arum C & F.

Propo. 25. Theore. 2.

Siquatuor magnitudines proportiona-
lesfuerint, maxima. cum minima
dusbus reliquis crumt maiores.

Sintquatuor ma-
gnitudines propor-

" tionales AB, CD,E,

& F.Dico AB maxi-
mam, cum minima

F, maiores effe dua-

bus fimul reliquis

'y  CD &E.Sumatur e-
4 nim AG ¢qualisipfi

' E, & CHipti F.
uja ergo et vt
ACEF J%B)adcgin Ead
F,e®que A G ipfi E.& CHip{i F zqua-
lis, eritvt ABad CD,ita AGad CH;
hocjeft vt tora AB ad totam CD, ita
ablata AG ad ablatam CH:reliquaigi-
tur GB 4 crit ad reliquam DHvetota
ad totam: eft autem AB maior quam
v ' CD

o w

o
L NU
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" €D, ergo maior quoque B G quam

DH.Cumq; AG ip E,& CH ipfi F 2~
qualisfir;pares erunt AG & F,ipfis CH
& E. lam vero quia ipfis A G & Faddi-
tur GB, ipfisvero CH & E additur

DH minus quam GB, erunt poftaddi--

tionem AB & Fmaiores, quamCD &
E. Si igitur quatuor magnicudines &c.
Qus [equuntur propofitiones now funt En-
" chidis, fed ex Pappo Alexandrine,
& abjs adselle.
Propofi. 26. Theor. 26.

Si prima ad fecundam maiorem habue-
“vitvationem quams tertiaad quarta,
- babebit connertendofécunda ad pri-
Mam minorem yatione, quam guar-

14 admriiam.

8 4 5 3. Hoceftfi A eft totum
AB CD maius refpeCtu ipfius B,

quam C refpe&u quarts
'D: crit Bminor pars relpeéta ipfius A,

quam Drefpectu ipfius C. quod per
feeft enidens. v

Pro-

’
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Propofitio 27. Theor. 27.
Siprima ad [ecundam majorem ratio-
" nem babuerit, quame tertia ad quar-
tam; Iaabebit permutandoprima ad
tertiam maipyems vatianem, quam f¢-

cwnda 4 quartam.

g 4 5 3 Quiaenim D poni«

-turpars maibr totius _

A B , CD C,quiB totius A;non

potelt pars B (uprapartem D, tanmum

excelfum habere, quantum habet totil
A fupratotum C,

Propo. 28. 'Theor. 28.

Siprima ad(ecundam maiorem babue-

it rationem,quam tertia ad quarsd,

. babebit prima cum fecunda maiorem

rationem ad fecundams, qlumtertia

& quarta ad quartam. '

\ Nani quia B eft mi-

E1z F3 nof pars?pﬁus A, qui

/ D ipfius G; fi vtraque,
. femel addatur,tam B’
s ipfi A,quam Dipi G,

A Eé D; adhac B minor parsc-

914

\
e — e

—
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tit totius E, quam D totins F.
Propo.z9. Theor. 29.
Siprima & fecunda ad fecundam ma-

sorem habéant rationem , quam ter-
tia o quartaad quartam;babebit e-
tiam diuidzndo prima ad fecundane
masorem rationem, quemiertiaad

\ guartam, o
Namin e:tefnplo. fupefiore. QuiaE
eft maius totum refpectu partis B, qui

F refpeCtuipfius D, fiviraque parsex

fuotototollatur, A refiduum ex E,ma~

iuserit refpe@tuipfins B, quam C refi-
duum exF, refpe@uipfiusD. -
Propo.z0. Theor.30.

Si prima & fecundaad ﬁcﬁ&ﬁm maio-
rem proportionem habeit, quans ter-
tia ¢ quarta adquartam, habebunt

per comuerfionem yationis pxima &
Jecunda ad primam minovem ratio-
nem, quam tertia ¢ quartaad tertia.

- Namfitorum E maiuselt refpe@u

iplins B, quam F refpectu ipfius D: B

- ‘ . - minot
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minorerit parsipfius E.quamD totius

F. Quare refiduum A maior eritpars -

totius E, quam pefidaum C cotius F.

Hocautemidemeft ac fidicastotum E .

minoiem habere rationem ad prirnam
A, quam totum F adtertiam C.

Propo. 31. Thorae 31

Sifint tres magnitudines, ¢& totidem a-

lig, habeatque prima ptisrum maio- .

rem rationem ak fecundam gaam
primapoflerioramad fecundam, fé-
cundassemprioriimasorem habeatad
tertiam, quaminpoilerioribusfecnn-
da ad tertiam, etiam ex aqmo habebit
Jvrima Priorum maiorem yationens ad
gertiam, quam prima pofieriorum ad
tersiam. .
1684 953  Namfi magni-

ABC tudines illz fint
C DEF ABC,DEF,permu-

tax;deras proportiones quz in propo-
-Htione ponuntur,

. Erit
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Eritinaior = A ad D quia B ad E.
Ereadérationemaior B ad E qua C ad F.
Quaremulto maior A ad D qua.Cad 'F.
Ergopermurmaior A ad C qua D ad F.

. Propofi.32. Theore.z:.

Sifint tres magnitudines, & totidem a-
lie, [isque maior proportio prime
prioram adfecundam, quam fecunde
pofteriorumadtertiam: ltemfecunde

priovum ad tertiam, mator quam pin

mapofieviorumadfecundam: eritetii
€X £qu6 mator ratio }m'ma priorum
ad tertiam , quam prime poflerio-
yumad tertiam,

168 4 964 69 Sintille
ABC DEF GH magnindi
. - nesA,B,C
D,E,F.fitq; pretereavt Gad CitaDad
" E,&vtHadG,itaEadF, collocabun-
turqueternz & terng magnitudines D,  °
E,F H, G, C,in eadem {ed perturbata
ratione;eritque 4 €Xxquo veDad F ita «20.3
Had C. .
Nuncvero quia eft vt Gad C, itaD
' . adE
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ad E maior erit ratio ipfius’ B ad C
quam G ad C, ideoque B maioreft qui

G, & per con[equcns maior ratio elt -

ipfius Aad G quamad B: eftautem A
ad B, maiorquam Ead F, multoergo
maiot et Aad G, quam E ad F. Rurfus
quiaet Had G,vt Ead F,maior erit A
ad G quam H ad G; quare A maiore®
quam H, & per confcqucns maior eft
A adC,quam Had eandem C.Sed o~
ftenfum fuirefle ve Had C, itaDad F;
maior et ergo ratioipfius A ad C, qud
ipius D ad F; quod eft propoficum.

Propo. 32. Theor. 3;.

Sitota adtoti maseyem yationé habue-

* ritsqui ablata ad ablatams , babebis
é' reliqua ad. reliquanm maiorem ra-
" tionem qaam tots adtotam.

E8 F 3 _ Vefitorum Aad toti
C4 D3 Bmaiorem habeat ratios

nem, quam ablatum C,
Az B 6 ad ablatum D; maiorem

" habebitrefiduam E ad refiduum F, qui

totum A, adtotum B. Nam ficut totit
A eft maius toto B, ita omnes fitoul,
partes

e e
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partes, omnibus partibus. Quia ergo

pars C minus fuperat partem D, quam

totum A tetum B; re(idua pars E debet
magis [uperate refidpam F, quam totil
A totom B, vtexceflu maiore ipfius E _
compenfante dtfectum ipfins C, partes
C & Eita/fint maiores partibus D & F;
ficut totum A maios eft toto B, - -

Propofi.34. Theore. 74.
3i fint quotcunque magnitudines, ¢ a-
lia totidem,fisque maior ratio prime
priorum adprimanm pofleriorum.qui
Secunde 4d fecundam, & bac maior
quam vertie 4d tertiam, ¢ fic dein-
ceps: habebunt ommes fimulpriores,ad
ommes fimul pofieriores, majorem ra-
tionem, 3’“’” omnes prioves relicla
prima adpoiteriores emnesprimafi-
militer relicta; minorems autem qua
prima priordm ad primam pofierio-
rum; masoremtamen quam vitimd
priovum advitimam pofferiorum.
12 8 4 6‘5 3 Sint quotcun-

que magoitudines
ABC DEF | O ABC,
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ABC, & alixtotidem DEF, itafeha-
bentes vt proponitur. o

Quia ergo maior eft A ad D quam B ad E.
Eritpermuta. maior Aad B quam D ad E.
Brcomponen, maior ABad B quam DEad E:
Et permuta. maior ABad DEquam B ad E.

Quia ergo maior eftota AB ad to~

. tam DE, quam ablata B'ad ablatam E,

maior erit # reliqua-A ad reliquam D,

_quam tota ABad totam DE.
" Eadé ratione maior erit B ad E qui tota BC ad t0.EF

Muylto ergt maior et Aad Dquam BCad EF.
Et permutat. maior Aad BGquam D ad EF.
Et compo. maior ABC adBCquiDé€fad EF.
Et permurta. maior ABCad DEFquiBCad EF,

uod erat primo loco propafitum.
glunc vero quia majer eft tota ABC,
ad totam DEF, quam ablata BCadab-
latam EF, erit & maior reliqua A ad re-

- liquam D, quam tota ABCéadtotam

DEF; quod erat fecunduma
Derique quia maioreft B ad Equam C ad F.

" Erit permuta, maior Bad CquamE ad K.

Ec compe. maior BCad CquiEF ad F.
EBrpermutat. maior BCad EFquam CadF.
Oftéfa cft auté ma. ABCad DEFqua BCad ER
Mulco crgo maior et ABCad DEFqua CadF.

Qued erat tertio loco propofitum.
Eadem methodo procedetur fi qua-
terng proponantur magnitudines, aug
aliz plures quocunquenumero.
T EVCLI-

— -

O e
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- “Definstiones.
i Similes figurz re@ilinex funt, qu_;'

fingulas angulos fingulis zquales ha-
bent, & latera circa zquales angulos

_proportionalia. |
A ' Tt trian-
| . gula ABC,

D DEF, erunt

f} fimslia, fi fin-
; o los. angulos
p ) c F ¥ & L

) ; T Singulis habear
pares, boc est fiangulus oA, angnlo D,an- .
guli vero B & C, angalis E, & F fint e~
Tmles; item fi lasera civca aquales augn-

os fint proportionalia, hoc est fifit vt AB:
4d eAC, ita DE ad DF; ¢ vt «AB ad
B(,ita DE,ad EF; acdemgue vs AC ad
O2 (CB



196 LIBER VL

“CB,ita DF ad FE.
2 Reciproce figurg funt cumin vera-
qué figura antecedentes & confequen-
tes termini rationum faerint.

A ‘ * Hoc ¢f f-
D mrerecipro~
ca funt cum
invna figura
B C L & Teperitur an-

tecedes vnins

propertionis, cuins confequcns eft in feci-
An; &5 cum e contra ansecedens altevins fi-
milis proporsionss eft i fecunda figura,cn~
ius confequens ¢51 in prima; vt'triangula
ABC, DEF, erunt veciproca, fi fucrit vt
e4B,ad DF;ita DE, ad «AC tunc ¢cnims
antecedens prime proportionis repetitur in
triangulo primo « ABC €5 in altero eiF ci~
Jeqmens; at [ecunda proportionis amtecedes

¢ft in fecundo triangslo, confequens i prs-.

mo.
3 Extremaac media ratione reali-
neafe@®a efle dicerur, cum eft vt totaad
ad maius fegmentum,ita maips fegmé-
tumad minos. ' '
A %: B Sicretla AB,
T eritfellainC,ex-
‘ tremas

i - e e . e e o A



'

LIBER VI. 197

tyemaac mediarasione, fifuerit vt tota
AB ad mains fegmentum AC,ita AC ma-
ins fegmentum ad CB minws.

4 Alitudo cuiufque figureeft linea
perpendicularis 3 vertice ad bafim de-
du&ta, \

p E, Ut trianguli
'¥ AB( abtitudo
: - et AD, dulla

B DCH F-AG perpendiculari-

" tera verticead
bafim BC. lems triangmli EFF,altitnde off
EH, extratriagulum cadensin bafim FG,
produilamin H.

s Ratioex rationibus componi dici-
tur, cum rationum quantitates inter fe
multiplicatgaliquam rationem effece-
e, o

. Quantsitates rationum non funt abic
quam nameri 4 quibus denominatur pro-
porsio: fic 3.658 quantitas proportionissyi-
plg.2.duple, €9c. Ratioergo cx rationibus
componstur , cum denominatores proper-’
tionwm inter fe multiplicati aliguams pro- -
portionem cfficinnt; vt ex vatione dupla &
tripla componitur fextwpla; nam denomsi-

\ ’»',‘""d“P“Q’”'F/} 2. & denominazortria

O3 ple
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 pleqwi of 5. inter fi mnlnipﬁcati faciunt €

dewominatorem proportionis fextuple ci-
pofise. ‘ ’ ;
Propofitiones.
Propofi.1. Theor. 1.
Triengula & parallelogramma, quorii,
“eadem fit altitndo, habens fe vt bafes. |
B A F Sint triangula
ABC, ACD, ha-

titudinem AC, i-
tem parallelogri-
B €  DPmiEC,CF, ha

bentiaeandexh altitudinem AC. Dico.

illa inter fe habere. proportionem qui

habent balesBC, & CD. Cum enim"

triangula fint conftru@a intra paralle-

~ lelas BD,EF, (ficut poffunt conftitui
inter parallelas quacunque alia trian<’

gulaciofdem altitudinis) fibafes CB,
& CD, fint zquales, ‘erunt & triangu-
lasfuperillisbafibus zqualia, Quod G

balis CB, maior effet, aut minor bafi

CD, efler qudquetriangulum ABC,

"maius

bentia eandemal-

D S S

- _ e —— e — e —— .
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maius aut minus triangulo ACD; &
fic quoquc erit fumptis zquemultipli-
cibus tam bafium quam trifgulerum;
nam perinde eft conferre fingulaad fin-
-gula, atque Taritcr multiplicata ad pa-
riter multiplicata, quemadmodum de-
finit. 5.lib. . explicatum eft. Sunt ergo
triangula ABC, ACD, interfevt bales
CB, & CD. N
Iam vero fitriangula fint vt bafes, e-
tiam parallelograma: 6nam hzc funt
duopla triangulorum partes autem ¢-
quemultiplicium ¢ in cadem funt ra- ¢ 5. 5.
sione atqueipfazquemultiplicia.

Propoﬁtio 2. Theore. 2.

iin triangwlo ducatur recia lateripa.-

rallels; fecabst. propovtionaliser reli-

“qua cisfdem trianguli lasera. Etfi

triamguli latera feitafivs proportio-
naliter, reita per [ecliones ductater-

tio laters eritparallela.

In trianfulé ABC, ducatur DE, ipfi

“BC, parallela; quo fa&to dico latera

AB, AC fea efle proportionaliter;

hocett,effe ve AD,ad DB, ita AE, ad

S O 4 EC.

b 14
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EC.Du&is enim re&tis BE, CD, #¢-
runttriangulaBED, DCE, ineildem
parallelis zqualia,s & habebunt pro.
inde eandem rationem ad triangulum
ADE.cSed quam
proportionem ha-

ad DEB, etndem
habet bafis AD,ad
DB (cum triangu-

B C lafintincadem al-
mudme, quam oftenderet perpendicu-
laris quz ex Educi pote@ ad AB) &

uam proportionem habet idem trian-
gulum ADE, ad iplum CDE, eandem
habet bafisA E, adbafimEC; 4 Cum
ergo oftéfum I't ambo tmngula DBE,
DEGC, candem habere rationem ad ip-
fum ADE, bafes quoque BD, EC,can-
dem habebunt Propomonem ad late-

raDA& EA. -

Tam vero filatera AB, AC, propoc.
tionaliter fe@a fint,cum fit ob eandem
altitudinem vt AE ad DB, ita trianguld
ADEcadipfum DEB; & vt AEadEC
ita ADEad npfum EDC; ficutin eadem
ratione ponitur efle latera AD, DB, &

bet tridgult ADE -

AE, EC

e — e
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A E,E C; erunt etiam triangula DBE,
DECin eadem ratione adtriangulum
ADE;Eruntergoftridggula DBE,DEC f9- 5
inter fe zqualia: cumque habedtean-

dem bafim DE,erunt gconflituta inter 449, 1,
parallelas:parallelg ergo sut BC & DE.
Siergointriangulo &c. ‘

' Propo. 3. Theor. 3.

i trianguli 47;gulus (ecetur bifariam, ¢
vecla angulum fecans [ecet & bafim,
babebunt bafis partes eidem propor-

' tionem quam reliqua triangulilate-
74. Et (1bafispartes candem habeant
rationemquam reliqua inter f¢ late-
ra,veila a vertice ad feclionem ba-

Jéosduita trianguli angulum fecabit
bifariam. '

Trianguli ABC, angulus BAC,bife-
cetur pet retam AD; dico in partibus
bafiseleve BDad DC,itaBA,ad AC:
rcr C, enim ducator CE ipfi AD paral-

ela, cui BA produfta occnrravin E.4 , ; ¢
Qujaergoin triangulo BEC,reta DA
ipli CE,eft parallela, erit ficutBD, ::d

j . Yok
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adDC, itaBA,ad AE, feuad AC, que
ipl AE zqualis eft;Si ergo trianguli an-
gulus &c. Effe autem re&am AC z-
qualemipfi AE, Gt oftendo. Quiareta
AC rangit parallelas AD, EC, anguli 5
alterni CAD, ACE funtequales,. &
quia re&a AE, tangit caldem paralle-
las, angulus externus BAD intemo &
' g ©P ofito AEC,
-eltzqualis: s
A ~ergoanguli AE
- G, ACE,zqua-
- | les; cumoftenfi
B D € (ntzqualesan-
gulis ¢qnalibus BAD, & DAC; quare
latera AC, AE,4 (unt zqualia. .
Iimvero ieftveBDad DC,ita BA,
ad AC,e du&td vt prius CE, paralleliip-
fi AD,eritveBD,ad DC,ita BA ad AE;
fzquales ergo funt AE & AC, £ quare
angali quos fubtendunt nimiri AEC,
ACE funtzquales : fed hos oftende- .
mus vt prius efle zquales angulis BAD,
+DAC; funt ergo anguli BAD, DAC,
paresinter fe;ac proinde angulus BAC
fe@us et bifariam. Siergo trianguliany
gulus &c. h -
. : Pro-
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Propo. 4. Theor.4. '
Equiangylorum triangulorum latera
" circa aquales angulos funt proportio-
nalia,co latera aqualsbus angulis fub-

tenfa funt bemolega.
r Sint triangula
B ABC,CDE, z-
quiangula,habél-

p tia fingulos an-

gulos zquales, A

A C E iphCDE; ACB,

ipfiE; quetriangula fic conftitvanfur

‘vtlatus AC, lateri C E, iaceat in dire-

¢tum, necnon produétz AB, occurrat
EDin pun&oF. s Quia ergo snguli «2b-x.
ACB, CED funt pares, retzBC, &
FE, erunt parallelz:parallelzitem AF,
& CD, ob¢quales angulos BAC&
DCE;critqucDB,parallelogrammum,
éac proinde latera oppofita ¢qualia,
Nunc vero quia in triangulo AEF
du@a eft BC, ipfi FE parallela, erit
vt ABad BFleu CD,cita AC ad CE.
Etpermure ABad AC 4 i CDadCE. § 3%
S.lnnlucrquia CDipfi AF cit paralicla, erit .

’ ’ vt

big 1,
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vt ECadCA,ifae ED ad DFfeu CB,
Cum ergo fit ve ABad AC, ita CD ad CE.
Etve AC ad CB, ita CE ad ED;

habétur terng & teeng magnitudinesin

cadé ratisue AB,AC.CB.CD,CE,ED. .

Quarc ex zquo vt ABad CB ira fCD ad ED.
Sunt ergo latera omniatriangnlorum
f:oponionalia& quzzqualibus angu-
is fubtenduntur, funt etiam homolo-
ga,feu einfdem rationis; nam antece-
dentia & confequentiafub zqualibus
fantangulis: £quigulotum ergo &c.

Propof. 5. Theor.5.
Si duo triangula latera proportionalia
babucrint, erunt aquiangula; eofgue
angulos habebunt equales, quibus
homolsga lasera fubtenduntur.

E( conuerfa precedentis vt fi trian-

gula ABC, DEF,habent latera propor-

tionalia, hoce@t,fifit ve ABad AC,’ita
DE ad DF, &c. erit etiam angulus A.
angulo D, zqualis, &c, vt vult propo-
fitio. Conftituantur enim ad reGam
BCanguli GBC, GCB,jpfis E, & F; z-
quales;» ve proinde etid angulus G,an-
guloD, fit ¢qualis,vndé fequetur trian-

- gula
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golaBGC,DEF effe zquiangula, 6 & , . b
eorum latera propottionaiia. Tuncve-

) G .

ro quia DE & DF habét¢ eandem pro-
portionem ad AB& AC,quam ad GB
& GC,enecefleelt ABipfi GB, & AC, ¢ #
ipiGC zqualemefle: dcumqueBCfit 44 4,
communis, toca triangula ABC, BGC
funt 2qualia, & 2qnales anguli omnes
Cumergo ABC, & DEF cidem tertio,
BGG, fint zquiangula,inter {e quoque
erunt zquiangula; ‘funtvero illi ¢qua-
lesanguliquibus homologalatera fub-
tenduntur: nam anguli A & G zquales
funt,quibus commane BC fubtenfum
eft, &c, Siergo duo triangula &c.
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Propo. s . Theore. 6.

i duo trianguls vnim babeant cqué-,
lem angulum , & latera circa cums
proporisonalia,erant eqwiangula, an-
gulofque habebunt equales quibus «-
qualia lasera fubtenduntir.

A » Intridgulis A BC,
A / DEF, fi ¢quales
fintanguli A & D,

B <E ¥ fitque %c AB, ad

Aq,ita DE adDF,

, ‘ - erubt & reliqui

anguli zquales &c: conftituanturenim

ad retam EF, anguli EFG, GEF¢qua-
lesipfis B, & C, vtpropofitione lupe-
rion.Quiaergo zquiangula funt ABC,

GEF,serunt AB, AC, & GF, GE, pro-

portionalia: fed {unt etiam proportio-

nalia AB,AC,& DE,D%,é {untergo la-
tera DE; DF,: ipfis GF, GE ¢qualia. ¢

Cumquerbafis EF fit communis, tota

tiiangula DEF,EFG ¢qualia & ¢quian-

gula funt. Quia ergo triangula ABC,

DEF, vniteréio EFG {unt zquiangula,

inter fe quoquecruntzquiangula &c.

. - [Q=
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Propo. 7. Theore. 7,

Siduo triangula vnum angulum equa-
12, & latera circaalteros angilos ba-
beis proportionalia, wiriiq; vero an-
gulorii reliquorum aut minoré reiios.
aut 5on minorem; aqmangula erunt
triangula, ¢ angules circa quos late- -
ra funt proporsionalia, }.mbebum 2-

 guales.

D

. N

B € E F

Hocef; fi duo triangula ABC, DEF
habeant voum angulum, putaA,ipfi
D zqualem, circaalteras vero putaB,
& E, lateraf(inc proportionalia, ac de-
nique i vertijanguliC &F, fint veer-
queminor, aut vterque noh minor re-
¢to; erunt hac triangula zquiangula,
Sint primum tertijanguli C & F veerq;
migot feo: quod (i tunc nggas an-

‘ ~ gulos
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gulos ABC, DEF, circaquos latera siic

proportionalia, elfe 2quales, it maior

A BC, inquo conltituatur ABG, ipfi
DEF¢qualis, cique in tniangulis ABG,

"DEF, duo anguli D & E,dvebus A, &
- AGB, fint Zquales, s tertius F, tertio

ABG eritgqualis,ac proinde tota tria-
gulagquiangula. §EQergo ve DE,ad
DF, vel vt AB,ad BC, (naméx hypo-

.thefi eadem eftinter vtraque ratio ) ita

ABadBG;efler cergo ficut AB,ad BC,
ita AB,ad BC,dquare re&z BC, BG,
cflent zqualese & confequentér pares
eruntanguli BGC, BCG; & cum BCG
poflitus fit minorre&o,etiam BGC mi-

. norerit re@to: fi ergo BGG, eft minor

tecto,angulus BGA maiorferit recto,
quem tamen oftendimus zqualem eflc
anguloF, hocelt, minorem reo,com
angulus F poficus fit reto minor:idemy
ergoangulus BGA eflet maior & mi-
nor reo,quod et abfurdum.Né pol-

. func ergo anguli ABC,BEF, efle inz-

quales, quare & tertius F, tertio ACB
¢qualis erit, & triangula ABC, DEF,
zquiangula. :

Quod fitertijanguli C &F, ponantui: |

vtec-

-~
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vterg;non minor re&to; pegetur tamé
angulosE & ABCG, efle 2quales rurfus
probabitur retas BC,BG, & angulos
BCG, eflezquales; & cum pofitum fit
huncnonefleminoremre@o , necille |
cllet minerretofquod eft abfurdum fﬁ ; :
nam in triangulo BGC, effentduo an~~ "

~ guliredi, antre@ismaiores. Siduo er-
gotriangula&e. -

Pfobo.. 8. Thco;c.} . |

Siin triangulo reclangule ab angulo re-
EFoinbafim dullafit perpendicularis;
que ad perpendicularem funt tridgu-
la, tum toti triangulo, tum inter [¢

ﬁnt_‘ﬁmilia. A R

*

A -+ In tr-iangufo_

~ ABCfitangulus

BAC reétus , &

yAR Y ~ exAadbalimBC
2D ducatur perpen-

. .. € diculatis A D.
Quiaergoin triangulis ABC, ADC,
anguliBAC, ADCre&ifunt, & angu-~ ~
“lus C communis, » tertivs A B C cestio * 3+ ™
- DAC eritzqualis; ac proinde triangu-

X T P laA
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laABC, ADC fant zquiangula, 6 & G-

., milia. Non aliter oftendetur triangu-

lam ADB efle ctiam fimile toti trian-
gulo ABC, ac proinde funt etiam {imi-
liainter fetriangula ABD ADC.

Corollarium.

Ex boc manifeitnm est perpendicularé
ab angulo reilo ad bafim duclam, cffe me-
diam proporsionalem intct; dwo bafis feg-
menta: nam per 4. oftendetsr effe ve CD,
4dDAita DA ad DB, guodeft reitams
DA efe mediam proportionalems smter
partesvafs CD, DB. ,

Propofitiog. . Proble. r.
A Aasareiialinea imperatam partems
i - auferre.

Ex recta AB auferenda fit prs tertia.
Ducaturergo ex A re®a AC, faciens’
angulum cum AB vtcunque ; tumex
AC fumatur quzuis pars puta AD, ac
duzaliz addantur zquales DE, EC,
iangaturque CB; cui parallela fiac DF.
Eritque ablata AF, pars tertia ipfius
AB.Nam quiaintriangulo ABC duta

¢t DF,ipli BC parallela,acritficut AD
ad’
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Co ad DC,ita AFad
B FB, b & compo-4 44,
D . nendo ficut AC
' adADita ABad
'A o g AF; ctame AD '

pars tertia ipfius
AC,ergoAF cft etiam pars tertia ipﬁu
AB.Adata crgo rectade. .

Propofi. ro. Problc 2,

Datam reclam infellam mditerﬁckre,
vt feclafuerit dasaaltera recla.
E - Data refta

‘ F/G/ AB fe@afic ini
. C& D, opor-
/ ] I teatque redti
fb 'C p B AE(quz ap-
pliceturad Ave cum re&ta AB anguld
vtcunque conftituat) in fimiles partes -

fecare. Jun&a re@a BE ducantur CF,
DG, ipfi BE parallelg. Iam vero quia
intriangulo ABE dué&tz funt CF, DG.
lateriBE parallel=, & feétiones laterum *
AB AE funt proportionales. Compo-
nendo ergo ac dividendo oftendetur
ompem eam propomoncm quzeftiny
F ] te:

.

6.
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ter partes ip.ﬁusA'B, eandem quoi:iue
- eflc inter partes linez AE. Datam ergo

rectam &c.
Propoﬁtio 1. Proble. 1.
Datis Auabus rectis sertiam proportio-

naleminuenire
g Datz re@z

o AB, A’ C angu-
' lu quemuis c3-
ticuant , puta

A B D BAC, iunga-
turq; re&a C B. Mox produdis lateri-

‘bus AB A C, fomatur ipfi AC zqualis

BD,ducatutque DE ipfi BC parallela;
eritque reta CE certia proportionalis
quzfita. Nam quia BCipfi DEeft pa-
rallela, s etitvt AB ad BD, itaACad

'CB; cftautem BDipfi A C zqualis; 5

Eftergo ve ABad AC, ita AC ad CEs
quodeft re¢tam CEcfle tertiam pro-
portionalem. '

a5

—

" Pros

e — e e e e
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Propo. 12 Proble. l

“Tribus dasis rectisquartam pr@omomv

lems, mmm. e

Duz queli-
bet ex datis, pu-
t2a AB & BC, in
dire&tum ‘col-
locentur, tertia

A B @ yeroAD, cum
ipfaAC angulum vtcungue con(htuat,
iin&ique re@d BD, agaturipfiparal-
~ lela CE; eritquerea DE quarta pro-
pomouahs quefita. Nam quiaipi CE
parallelaeft DB, scrit vt ABad BC,ita .
AD, ad DE. Tribus ergo datis AB, BC,
AD, inuenta eft quam. pmportmna—
lls DEa -

Propo. 13. ‘Problci §-

Datis Auabus reélis mediam prqmma-
mkm snnenireo,

Datzrez AB, BCin dire&um col-;
locentus , & fuper AC conflituatur fe-
R PR
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o micirculus AD .
;’°... . . C:nam ad pun--
.’. > ", ¢tum Bexcitata -

{ i perpendicularis

R 5 — viquead fe@ia-
’ A B c nem femicircu-
li in D, erit media proportionalis que«

P3E S A

bafim AC du&a perpendicularis DB.

angulus ADG, re@us; & i vertice D, ad -

¢ fita. Dudtisenimreftis AD, DC,serit, .

=i

.=

Bewrel, 3, 6, Quareinter partes bafeos AC, media:

. proporttionalis e@ DB, : :
Propofitioz¢. Theore. 9.
Equalinns & oomm vni angulum -
gualerm babésinm parallelogrammo-
vums yeciproca funit lasera circa equa-
les angulos: Et quorum latera efrea’
unum angslum equalem funt rec-
proca, ea. parallelogramma funs «-
qualia.. T
Sint AB, BC, paralfclégramma z-
qualia, habentiaangulos ad Bzquales,
atqueita collocentur,vt latus BE, late-
ri DB iaceat in dite@Gum, ac proindee-.
: SR - tiam.
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tiam GB, ipfi B F. Dico igitur efle vt
DB,ad BE, ita GB,ad BF,Perfe&o enim’
TA

[ 2K XA

_F parallelogram-
/ / / mo EF, cum pa-*
p» B E rallelogramma
ABo BC, ﬁnt [~
-qualia, sficutv-

G C . numAB eft ad
EF, itaalterumBC adidem ET; fed ve

AB ad FE,bjtaeft latus DBad BE; & 4 1. &.

vyt BC ad FE,ita latusGBad BF, ergo
et vt DB ad BE, itacGB ad BF.Quod
erat demonftrandum,

E conuetfo autemfi ponantur late-
ra circa gquales angulosad B, cflerecia
proca, oftendetur parallelogrammaef-

o fe zqualia,nam fieft vt DB ad BE, #1ta

-GB,ad BF; eritctiam vt DB ad BE, ita
AB ad FE; -item vt GBad BF, itaBC
ad FE, équarceftetiam ve AB ad FE, ita
BCad idem FE. Paralllelogramma igi-
tur AB, BC,{untzqualia,

ks e

.

c1l. s,

41 6
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* ¢ Propofitio 15. Theor.ro.

Zqualium & vnum vni anguluns -

< gualems habewtium triangulorums ré.

ciproca funt latera. Et quorum late-
74 circa equales angulos fant resipro -
ca, catriangula funt aqualia. - -
‘ Tt o Patet propo-
D...ceceeeniny fitio ex prace-

gula funt dimi-
dium parallela-
grammori, qua’
, . fub duobuslate~
o ribus triangulo-
rum ¢quales angulos continentibus de-

feribi poffiint; quz ergo elt ratio paral-

Jelogrammorum & laterum, eadem eft

trianglorum;ve fi fint triangula zqua-
. lia ABC, BDE, quibus zqualesfintan.’
- guliad B; ponatur BE ipfi AB, in dire-
&um, & ex confequenti DB ipfi BC,

A 3l\‘- dente:namtrians

—=

petficiantarque parallelogramma BG,

" BF. Tunc.veroper preced. eruntls-
teracircaangulosad B, reciproca, queg
! gadem funt latera criangulorum. Eadé

I . me-

et

. - W et
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methodo demérabitur pofterior pars
propofitionis. S
Propof s6. Theore. 1r.

Si quatnor lined proportionales fuerint,

erit quod fub extremis continetur re- -

ctagulum, aquale ¢i guod fub medys.
Et fi rectangulum [ut extremis con-
ventums aquale it ¢ quod fub medys,
quatuor ille lines funt proportionales.

E ¥ * . Sinequatwor li-
' mex AB,CD,CF,

. {AE, proportio-

A B : nales:qugita col,

o rlocenturve AE,

' AB,& CF,CD,
rectos agulos A,8 C,cotinedt,copled-
turg; parallelogrima BE & DF;qug di-
co effe ¢qualia: nilatera circa zquales

angulos A & C,reciprocitur exhypo-

thefi. Suntsergo parallelogrammag-
qualia;quorum BE fub extremis lineis,

DF fub medijs continetur, :
" E conuerfo fi fubijldem lineis con-

fituantur parallelogramma, angulis A °

& Cexiftentibus rectis, eaque paralle-
logramma fint zqualia, ¢cruntlatera
o . circa

a 14.6.
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circa angulos A & C, recifroca, hog
efterit ve ABad CD, ita CF,ad AE; fi
ergo.quatuor linez &c. o

Propo.17 . Theore.r2.

Sitresyeca propamamle: fuering, qwd
[fib extremis cotinetur reﬁangulu,e-
‘quale eff quadrato qwd a medsa def-
cribitar. Et ff f qnadratii i media def-
criptum, reclangwlo Jub extremis et
equale , propomamlef funt tresille
lmm
" F Smt tres lineg
E_ ‘ \ AB,CD,IISEproé
R ortionales ; i
B eR, vt ABad
CD,ita CD ad BE, fiatque fub extre~
mis AB,BE re@angulum AE, &ame-
‘diaD quadratum CF.‘Quiaetgoeftvt
ABad CD, ita CD,vel illi zqualis DF}
ad BE; erunt quatnor ret¢ AB, CD,
DF, BE proportionales;s rc&igulum
ergo CF quod {ub medijs CD, DF co-
tinetur( hoc et quadratom CF) zqua-
leeft ipli AE, quod continetur fub ex-
t.emis AB, BE

E con-
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E oconverfo fi quadratym mediz
CDre&angulo fub extremis xzquale
ponatur, oftendetur tres tlas lineas ef~
fe proportionales, vtin prop. przce. _

.Siergotres rectx &c. :

Propofis8. Proble.s.

Super data recta dato reclilineo fimile,fi-
miliserque pofitum deferibgpe.
Hane e E o Sit data
G ) D reta A B,
dati reéili-
neam CD,
\ inquo du-
C ¥ catur re@®a

'EF.Deinde ad punta A & B reGtz AB
.conftitusnturanguli A & ABH =zqua-
lesipfis C & CFE; aerit proinde reli- ¢ 3. 1.
.quus AHB reliquo CEF zqualis, &
triangulatota AHB, CEF zquiangula,
& latera proportionalia. Ampliusad
-puné&ta H& Bre&a HB conftituantur
HBG, BHG, ipfis EFD, FED ¢quales,
& proinde reliquus G reliquo D etit
zqualis, & triangula, vtprius, zquii-
gula, latgraque proportionalia. ‘Etfa-

o . &um

Syt

b 4 6
& &
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&um cft quod petitur. Nam cum tri3-
gula partiatia reilincotum AH & CD
oftenla fint omnibus angulis zqualia,
- &omnibus lateribus proportionalia,
funt ex figarz fimiles, & fimiliter po-
ficz. Quod fi getilincurn dati plures
dngalos quam quatuor contineret,
rln'ries effc repetenda zqualium angu-
Jlorom confiru@io, pliribusquiduo-
bus triangulis conlitutis, & demon-
fratio procedet vt prius.Super data er-
gore&adc. - ’

Propo. 15. Thore. 3.
Simmilsa srisngula funt in duplicata ra-
o fuoram Lascrum homiolagornms,

B.G R :'r. .

C .

Sint ABC,DEF tiangula fimilis,ha’
bentia angulos B & E zquales . Dico

triangulum ABC ad DEF, duplicatam

© habere
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habere eam proportionem, quzeft in-
ter latera homologa B C, EF. & Su-

EF, itaEFad B G; ducaturque AG,
Sunt crgo ¢x pofitis. ¢
Ve AB 2d BC, ita DE ad EF.
Permut. Ve AB ad DE ita BC ad EF.
Sed ViBCad EF,ita EFad BG;
Triangulorum igiiur ABG,DEFla-

 teracirca aquales angulosB & E funt ,
reciproca,s ac proinde triangula ABC "~ ™

.. v . a1lL 6
‘maturenim iplarom BC , EF, tertia

~ proportionalis B G, vtficficut BCad

3.

.DEF funt 2qualia. Etquiaet viBCad, 4, ¢,

adEF,itaEFad BG, ¢ habet BCad BG

duplicatam eam rationem quam haber , o

ad EF. vtvero BC ad BG,#itaeft trian-

gulom ABC ad ttiangolom CEF, &il-

ligquale ABG:quare ABC tam ad trid-

gulom DEF, quamad ABG doplica-
. tam habet eam proportionem quz cft

inter laterahomologa, BC & EF.Simi-
lia ergotriangula &c.
" »  Corollatium, |
 Exbis patetfitres linee propovtienales
fucrint, effevi primam adierisam iratrik.

gulums [wper prima defersptum ad fimele fi-

shiliterque pofinm [uper fecunda, Nars

eilem~

) -

6 -
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ostenfum ¢5t effe vt BC ad BG, iratriangs-

lum ABC fuper prima BC,ad triangdlmm

DEF fimile fimilierque pofitum fuper fé-
cunda EF, -
iPropo. z0. Theor. 1.

Similia poligona in (imilia triangula di=
widuntur, numero aqualia & 1085
homologa. Et polygona duplscatams
inter [e eam habent rationem , que
oft inter laters bomeloga.

. Sintpolygona fimilia ABCDE, FG -

HkL;Gntque anguli EAB, LFG zqua-
les angulus vero G angulo B, & fic or-
dine deinceps:fint demique lateta circa
gqualesangulos proportionalia, ve EA
ad ABita LFadFG &c; ideaque latera
AB, FG, &c,erunthomologa.

Dico primo,hzc poligona dugis rectis

rectis AD AC, FK,FH, diuidiin trian-,
_ gula .
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gulafimilia.Nam quia angulus Bequa-
lisetangulo G, &lateracivcabosan-’ |
gulos ptopomonaha, azquisngulae-« 6 %
rung tridggula ABC, FGH & fimilia:ea-
dem ratione oftendetur tridgula DAE,,
kFL effe fimila,, ob zquales angulos E
& L.Nuncyerob quiaetve ACad CB s 4. .

~itaFHad HG( ob Gmilia triangula
ACB,FHG) & vt CBad CDita HG
ad HK ob fimilia polygona colloca-
buntur iuxtaz.. 5. ternz & terne mag-

nitudines,
AC CBCD. FH GH HK

EsgocxaxquoviACadCD jta FH ad’ HK‘ 2 5.
Et quoniam angulus B C D, ipfi GHk
et zqualis, & ablatus ACB, ablato FH
G,cruntreliqui ACD, FHk etiam =-
qualcs 4 Quaretriangula ADC, FkH 4 & “
-erunt zquiangula & fimilia, cum circa _
zquales angulos A CD, FHk habeant
latera proportionalia. Omnia €rgo
triangula polygonorum oftenfa funt
fimilia,
Dico fecunde effe totis homologa,
hoc cft ficut vnum triangulum ad tria-
goluw fibi refpondens alterius polygo-
- ni, ita elle polygonatotainter [e. @la
enim
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< @n ‘ﬁ

enim ﬁrmha funt trlagula ABC i-'GH

- “eriicin duplicataratione laterum ho-

mologorum AC, FH; & ob eandem
cauffam triangula ACD FHK, funtin
duplicata ratione corundem laterum
AC,FH.Quarevetriangulum ABCad
F G H, ita ACDad FHk, fimiliterque
oﬁendetur tnangula AED,FLk eflein

_ eadem duplicata ratione laterum eo-

rundem AC,F H: funt ergo triangula
polygonornm proportionalia . Cum
vero quotcunque magnitudinesf quot-
cunque magnitudinum funt propor-
tionales; ficut e¢ft vnaad vnam ita om-
nesad omnes. Eftergopolygonun ad
polygonum ficyt triangulum ad trian-
gulum,

Dico'tertio, polygona efleindupli-

cata ratione larerum. homologorum

AB, FG. Nam quia triangula funtgin
dubhcata ratione laterum, & polygona
funt
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funtvt tnangula, erunt etiam polygo-
na in duplicata laterum ratione. Simi-
liaergo polygona&e.

L Corollarinm.

‘Eadems methodo p‘robabzmr omnes fi-
- guras re€lslineas ¢ffe in dupl:mm ratione
Laterum homologorum. .

Propo: 21. “Theor. 1.
Quscidem rediilinco funt fimilia , &
inter Jefuntfimilia. :
T A ) = , ' Sienim
A I ~ e figurz A
'‘BC,GHk

cidem D

EF finc
B CE 3 HY Rmililes 5
qula anguh A%G sut vni D gquales,e-
riit & inter f¢ ¢quales; & ita probabitur
omnesangulos, omnibus angulis effe
" equales; & lateraacirca cosefle Pro-am 5
tionalia, fi lateribus einfdem tertij fint
© proportionalia, ac proptérea AB G,

. Gerﬁ'cﬁgmas fimiles. ‘

.‘3@?& Q o Pre.-_
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Propofitio 22. - Theore.16.

Si quatwor rediz proporsionales fuevint

‘recVilinea fimilia & fimiliter ab s

defcripta erunt proportionalia. Et f;

a rectis lineis fimilia fimiliterque de-

+ fevipta reclilinea proportionalia fue-

rint; ipfa reite line proportionales

eruns, S .

. - ' . Sintquatuor

E » reétz A,B,C,

D propottio-

P = nales;dicode-

. feriptis (imili-

5

A
B
C

" busre&ilineis puta triangulis fuper A

& B, & fimilibus feu triangulis fen a-
lijs re@ilineis fuper C & D, hzc re&i-
linea fore proportionalia, Sumature-
nimipfarum A & B tertias proportio.
nalis E, & ipfarum C & D, tertia pro-
portianalisF; eritqueexgquovt Aéad
E,itaCedF. Vt autem Aad E, ita elt:
re@ilineum ¢ fupex A ad retlinei fu-
perE; & viCad F; itactiam earumte-
@ilinea . Ergo vire&ilineurm fuper A ad
setilineq fuper B itarectilinet fuper C

‘ ad
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ad re@ilined fuper D. Etfic probatum
eftredtilinea efle proportionalia, -

E conuerfo autem- fi rectilinea fint:
proportionalia, & fimilia fimiliterque
pofita; etiam latera erunt proportiona- 4 - &
lia; nam re@ilinea duplicatam d habent

_ rationem -illam eandem, quz eftinter
latera. : C

'Propo.z; .Theore.r7.
Zquianguld Pdr:z'l]élogmﬂiind initer (€
- propertioné habens ex lateripropor-
 tionsbiis compofitam. '
A E. W Sint . paral-
. / - / lelogrima AB,
[ L. BC, habentia

D ‘B/ G -apgulosadB¢-

T - } quales; & ira
) ¥ c  difpofitaveDB ‘

-, iph BG iaceat

in dire€tum, compleaturque parallelo-
grammum BH.Cumergofitvt ABsad, 1. ¢,
BHitaDBad BG, & vi BH ad BC ita
EBad BF, erit proportioipfius AB ad
BC compofita® ex proportionibus in- ¥ 5 &f &
ter AB, BH, & inter BH,BC; cumque ‘

L Q2 ad
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hg rationes czdem fint¢ cum ijs qua

funtinter latera DB, BG, & intet late-

raEB, BF; erit quoque proportio ip-
fius ABad BC compofita ex propor-
tionibus latetum eoruhdem, quod erat

- dem onftrandum.

Propof. 24. Theor. 2. \‘

In omniparallelogrammo,que civca dia-

metyum funs parallelogrima, & to-
t, /y’ inter [e fumt fimtlia.

‘AG D In parallelo-

' ~| ‘grammo AB cit-
g K / ‘ca diametrii CD

H fint parallelogri-
~d ] maEF & GHY,
cp» B quz dico efle &

“toti,& inter fe fimilia, Nam quia pa-

rallelogrammum GH habet angulum®
d D communem cum toto; & angu-
lus DHk ¢qualis eft s interno & oppo-
pofito B; erunt etiam anguli HKG,

- KGD =zquales reliquis A & ACB to- .
tius parallelogtanumi; & codemmodo

oftendetur angulos omnes parallelo-
grammi E F, angulistotius AB eflc =~
- \ qua-
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quales. Iam vero quia triangula DkG>
DKH ézquiigula funt,& fimilitereriz-
gulaDAC, DBC;eritve DA ¢ ad AC,
itaDGad Gk; latera ergocirca zqua-
- les angulos A & G funt proportiona-
lia. Rarfusve ACad CD itaGk ad kD,
& vtCDad CBitakDad KH:Ergo ex
¢quo4vt ACad CB,itaGKadKH; & , ,, .
ficlatera circa gqualesangulos GKH, ¢ 4 6.
ABC funt proportionalia. Nequeali-
ter. monftrabitur latera citca aliosan-
gulos zquales efle proportionalia.Sunt
~ ergo parallelogramma EF, GH fimilia
. toti AB,ac proinde etiameinter fe.

* Propofi.2g. ' Proble. 7.

Dato reélilineo fimile fimiliterque pofi:
tum, & alteri dato aquale coffisuere.
’ ¢

‘ ’ R . ’ G;Y.J;.N
& /A'- D }.;" ' : ’
-K LC . E

€ F G

* 8it conftituendum recilineum fi-
mile ipfi A, & ¢quale alteri B, Fiat .
ergas fuper CD parallelogrammum * 44 %
' Q3 . CF

- i

4 23. 5.

N
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- CF, zqualeipfi A, & fuper DF,inan-

gulo FDH ¢qualiipi ECD,fiat paralle-
logrammii DG, ipfi B2quale.Amplins
reGarum C D, D Hinueniatyré media -

ropertionaliskL, fuper qua fiat recti-
rinc'un] M, fimile¢iph A, eritque recti-

“lineum M fa&um've proponitur. Eft e-

nim fimileipfi A ex hypothefi; efle au-
tem ¢qualeipfi B ficoftendo. Quiare-
&z CD,KL, DH funt proportionales,
eric vt prima 4 CD ad tertiam D H,ita

tc@ilineum fuper primam,ideft A, ad

NN . _
SEND
C - - A
.F. ) N F R g ‘K Xf
re&ilincum {uper fecundam id.eft a

M: fedvt CDad D H, itaeparallelo-
grammum CF id eft A, ad DH, hoc

el adB, Quarceritvt Aad B, ita Aad

M, ideoque re&ilinea B & M erunt g-
qualia.Datoergo retilineo &ec.

-.\—. .- )

Pfo-




Propofi.26.  Theore. 19.

5.4 parallelogramme auferatur paral-

lelsgrammé fimile tots, & commsu-
nem vnum angulum cum eo hibens,

boccivca candem diametrum cum to-
20 confiffis . -
Exparallc-'

| A_\'\, g logrammo A

. H_ B, auferatur
C £ fimile CD,
/‘ v habens angu-

E KD B lum eundem
adE cum to-

to, ducanturque re@zEF, FG, quz fi
non funt diameter totius A B, fit ergo
alia diameter, puta EH G, ducaturque

" HK ipfi FD parallela; eruntque Ck &
AB sparallelogramma Gmilis; e ergo

' vt AEadEB, ita CEad Ek; (ed quia fi-
‘milia etiam ponuntur CD & AB elt vt
AE ad EB, itaCEadCD; habetigi-
tur CE eandem rationem 2d EK & ED;

424, 6t
i

quare EK & ED funt zqualia, parssc .

totum, quod fieri nequit. Non eft ergo

diameter EH G, nequealiaeritquam |

EFG: quad eratprobandum.’ . . . -

v L "Pro-
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Propo.2y. . Theore. 20..
Omnism parallelogrammorum fecum-
- dumcandem reitam applicasorum ¢5
" deficientium figuris parallelogram -
~mis fimilibus ei quod 4 media defcri-
bitur, maximum id eft quod ad me-
Aiam applicatur, fimile exiflens defe-
i '
" p g Re@a ABbi-
feceturin C, &
--{npec  dimidia
CB fiat vtcung;

) : mum CE, cuiu
' J} ¢ 1B diameter B D?
Copleto ergo paraliclogrammo BH,
Pﬂf‘"elogmmmurn AD erit fopet di-
- midium AC, deficietque itoto BH,
parallelogrammo CE;eftque AD fimi-
le defe&ui CE. Hocigicur parallelo-
grammum A D dico effe maximum eo-

* fum quz ffiper AB pofita-deficiuntpa- -
- rallelogrammis. fimilibus & fimliter -

polnis ipli CE. Sumatur enim in
rela D B quodcunqgue punum,
puta G, ducanturque K M & FLip-
S .  fis

- parallelogram - -
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fis AB, BE parallelz ; eritque pa-
rallelogrammum AG pofitum faper
AB,& deficiensipfo kL quod fimilecft,

& fimiliter s pofitum ipli CE. Dicoer- ¢ *+.6
go parallelogrammum AG minus efle

ipfo AD. Quia enim zqualia {unt FD,

. &DLob bafcs‘zquafcs HD, DE, &,

DL maius eft quam GE hoc eft quam # 3 »
CG (funtenim CG & GE complemé-
taipfins CE, idcoquecaqualia) erite- ¢ 43 1.
tiam FD maius quam CG, codem ex- \
ceffuIM. Siigituripfis FD,CG com.
muneaddatur Al erit AD maius quam
AG.Omniumergo paralleiogramnﬁ:-:

- rum &c.. .

. Propofitio 28. Proble. 4.

- Ad datam lineam rectam dato reclils
lineo equale pam/?elagmmmum ap-
plicare deficiens figura parallelogra-
ma, qua it [imilis alseri date. Opor-
1et autem datum reclilineum non ef

-~ [e maius parallelogrammo, quodad
dimidium dase vecle applicaripoteff
SUXIA SeRorem prec prop.. ’

‘Repetatur exemplum fuperioris pro- |
POﬁ‘-_
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H D ME o
L S X

* pofitionis, inquoad re@tam AB fit ap-
plicandum parallelagrammum zquale
rectilineo N & deficiens parallelogra-
mo quod fit fimileipfi O. Super dimi-
diaergo ipfius AB fiat parallelogram-
mum « CE, fimile & (militer pofitcum

15 6 156 0. compleaturque patallelogram-
mum-BH. Quod ficontingeret CE vel

ADipli N eflegqusle, fa&ti effet quod

petitur . Siautem AD maius e quam

N (‘nam minus efle non debet; cume-

O nim A D fit omnium maximum quz
applicari poflunt iuxta tenorem prop.
przcedentis, i eflet AD minusiplo N

nullum aliudapplicari poffletad AB z-

quale ipfi N) conftituatur 2quale ex-

ceflui parallelogrammum IM, fimile

b5 6 firbililerque pofitum ipfis O & CE,
* quodque propterea poni poterit circa

s 366  ¢candem diametrum DB. Jam vero
pro-

%
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produélis rectis FL & LM, erit parailc—
Jogrammum AG applicatom re&tz AB
deficiens parallelogrammo KL, fimili

ipfius IM, hoc et ipfius O. Idemque

zqualeelt ipfi N. Nam quis oftenfum
eft AG deficereab AD, parallelogram-
mo IM, & rettilineum Nab eodé AD

feu CE deficit eodem parallelogrammo

IM, fequitur re&ilincum N, & paral-
lelogrammum A G efle ¢qualia. Ad da-
tam ergo reGtam &e. ‘

Propo.2g  Proble. o.

~ Addatam rectam dato reclilineo equa-

leparallelogrammum applicare,exce-

dens datam reclam figura parallelo-

gramma , qua [imilis fis dato alter
arallelogrammo. '

Ad datam retam AB fit applicandid

C, &excedens re@am AD parallelo-
gramo (imiliipfius D.Superre&a ergo
EB dimidia iplius AB fiat parallelogri-,

‘mil cuiufuis magnitudinis,dummodo s

fimile fit ipi D Gimiliterque pofitum;
fiatque rurfus parallelogrammom GH
fimile eidem D, 2quale?vero ipfis EF

- parallelogrammum zquale re&ilineo |

a6

b 5. &

&C .



' “=zqualeipfis EF & C fimul {umptis, ab- k

_ rectilineo C, excedens retam AB figu-

16  LIBER VI -
XK _-F H

A< E B L/L .

-
o G

NM

& C fimul fumptis; habeatque anguli
EKF communem cum parallelogram-
mo EF. Completisigitur parallelogra-
mis OE, GB, NL, cum GH fjt polituth

lato communi EF, gnomon PQRipfi !

“Ceerit gqualis. Etquia ob bafeszqua-
. lesczqualia funt OE& G B, zqualia
- ' itemd complementa GB & BH, G loco

ipfius BH (ubftituatut zquale OE, eric
parallelogramaium AM zquale gno- ]
moni PQR; ideoque etiam re&ilineo
.C.Quargadre&tam AB applicatume(t
parallelogrammum AM, zqualedato

ra parallelogramma NL, quz (imilis.
eft dato parallclogrammo D, cum fit
cir¢a candem diametrum cam ipfo EF,
' ’ N quod

)
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quod pofitum eft imibe ipi D.Ad datd
ergo reftam &c. ‘
Prbpofitioze.  Proble. 10.
3 -7 a
Datam lineam relam extyema acme:

diarationefecare. .
A- &€ 1 RetaABina

e ¢ ol A
o fecetur in G, vt
rectangulum (ub atota AB & fegmé- « m.2
to BC, it zqualequadrato alterius feg-
* menti AC; eritque reCtaAB fecta ex-
© trema & media ratione: nam erit (icut

AB,ad AC, ita ACad CB.

Propé. 31 ‘Thcbfé.ﬂ}:i‘." \

In yeclangulss triangulis fioura quenis
ﬁper latererectum angulum fubten-
dente, aqualis st figurls, qua priové
illi fimiles, & limiliter pofita fuper
lateribus reiium angulum continen-

tibus deferibuntur.

- Intriangulo ABClatus BC fulten-
datangulumretum BAC,& (uper BC .
defcripta fit fignras queuis pura CD, 0 o
caifimiles & Gimiliter pofitz five AE .

' : AF



‘» 20, 6.
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" duobus Iatéribusp’mportz‘om/iaadv- !

38 LIBER V1.

AF, fuper lateribus angulum reGtom
continentibus . Quiaergo tres omnes
figure funt fimiles, erunt_in duplicaca
ratione. laterum é homologorum; in g
quaetiam ratione effeut quadrata co-
rundem laterum ; fed quadrata fuper ‘
| AB AC effent |
A © azqualia ¢ qua-
drato ipfius B
E C, ergo etiam
F figurz fimiles
B C  fuperijldé AB |
' AC,funtgqua- ‘

> ‘ lesipiCD. In
rectangulis ergo triangulis &c.
' ' |

\P,topo{;.;z. Tllcor.zz.

\ ’ !
8i duo trianguls babentia duo latera

|

num angulum componantur, itavt

latera bomologa fintparallels, rels-

gualatera in direstum crant donfli-
!

uia.

Duotriangula ABC,DCE habentia la-
tera propoitionalia, hoceft vi ABad
‘ N ~ AC
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- AC,itaDCad
A_ ‘ DE, compo-
: D nantur ad c6-
A\, ticuédum an-
— 2 gulim ACD; »
e ‘ c E tintque td an-
tecedentiza AB,DC, quam cobfequen-
.tia AC,DE parallela. Dicoreliqua late-
ra BE,CEiacere in directd. Quiaenim
re&aCD caditin parallelas CA, ED;
- eruntsanguhalterni D & DCA Zqug < o
les; zquales item BAC, & ACD cum
etiam re&ta AC cadat inpataticlas AB
& DC; zquales ergo funt anguli A &
D,cum eidem tertio ACD oftenf: finc
¢quales; & cum citca eos latera fint .
proportionalia, zquiangula funtstriz- 4 o'
gula ABC,DCE;janguliergoB & BCF
funt zquales; additis ergo zqualibus
A& ACD, pareseruntduo ariguliB & '
A, duobus DCE, ACD, fivetori ACE:
rurfufque addito communi ACB, erlic
duoanguli ACB, ACE parestribus A,
B,& ACB;fed hitres zquales funt duo-
bus reis, cideoque BC & CE giacentj 3= 'o
in dire®um. Si ergo duo triangula. '

Pro-
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- Propo.3s. Theoréizz.

Tis equalsbus circulis anguli eandem ha-
~ bent rationem cum peripherijs quibsus.
-« infiftunt, fiue adcentra fiue ad peri-

pherias confliruti infiffant. Eandems
. infuper proportionems habentfeclores,
quippe qus ad centra confiftunt.

Sint zquales circuli ABC DEF,
quorum centrs G & H; & accubus BC,
EF infittant -ad centra anguli BGC,
EHF. Dico hos angulos’Eﬂ% inter fe vt
arcus BC & EF. Nam {1 arcus BC,EF,

¢ 27.3. luntzquales, 4 zquales funtanguliBG

.‘J‘dcf:s.';.

C,EHF. Quareftalterarcuseflet ma-
ior, puta BC,aut minor; maior quoque

-, ant minor eflet angulus BGC qua EHF,
& fic quoque eritin 5 zquemulriplici-
bus; luntergo anguliBGC, EHF,Gcut
. ‘ arcus

N-



- Namfi arcus funt ¢quales, zquales

arcus BC, EF.
Eodem modo probabiturangulos:
A & D qui infituntad ambicum,efls vt
funt ijdem arcus, . o
- Deniqné fe@orrectisBG,GC & ar- . = .
cu BC comprehenfus, eft ad fe&orem
EHF, ficut arcus BC ad arcum EF.
ctiam erunt ¢ ductz reG2 BC EF; & an- < 3% ¥
fuli adcentrad G & H, & totatriangn- , .-
a¢BGC,EHF zqualia, ®qualesitem 4. 1.
portiones circulorum quas auferuncf f3% 2 -
teétz BC,EF,quarg & fector BGC par
eritipiEHF; quod fi arcus BC maior
eflet ipfo EF; cztera omniacffentima- '
iora incircule ABC, fiminor, minora; :
& fic quoque erit g in zquezmultiplici- £ - 5 %
bus: et ergo feGtor B G B/, ad fe- '
&aqrem EHF, ficut arcus BC adarcum
EF. In zqualibus ergo &c. -
N e - R Corel-

4
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o " Corollarium, '

Hinc mamfe/ium qnqqt'ce et fic effe. fe=

Eorem adfeclorem ficut 05} angulus ad an-
gulwm s cum vsvague proporsio eadem fie

proportioni arcus ad arcum ; quare Crin- -

ter fecadem fume. - - -

FINTIS.
D MAiOREM DEI +
GLORIAM,>

 ERRATA.

. 2




ERRATA,

Pagi.1 lin, 7. Corr.15-
guudmcm & lati-
tudinem,

2.3. Corr. reQta fupex

: re@am,

Item esrorp. 9.1, 22.p.
“relspasla.

6 1. EGFAEG,FH

7.21,divida dimidia,

8. 16. duabus duobus.

10. &, Corr. cum late-

“re,

25.13. Corr. Cinter-
I\US-

5. DG DH.

49 14 per H per G,

s3.11.Corr.DB,BA,
ipfis BC,RF.

é3.2, HI HF.

€8, 2§.Corr. in gno-
mone.

83.3. Corr. dicitur,

8.7, Corr, igitor,

lbnd 11. CB CD.

18, EC,BD BC,
. CD. o

92, v0. HE, HF,
95.8. ELLEL,
10417.ADC,ACD
114,13.BAC,DAC
112,11, AF. AE. ~
Ibid. 14, FD,£ED.

1747, Corr, FGHK

) quadratum .
1401, Corr, teftee AC,
155.25.Qui Quia. -
162, I4. fuerat fuerit
568.25. &G,& C. '
17e.14, Corr,Propor-
tio. o
Y73, 31 Cory.B minor,
177.14. Corr. Amaior,.
300.24.AE AD,
209. 4 BCG,BGC,
120.2.AH,AG
1bid.8. effc effer.
22112, ABC,ABG,
Ibid.1y. DEV, ABG.
Ibid. 18. ARG, DEF,
235.LL1, & KG. -

237.8.fcgméto mis

nori BC.
239. 18. B& DCE.



