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. IVVENTVTI
"MATHEMATVM STVDIOSZE
- In Academia Duagenfi.

@ Abetis ad mannm, Inuencs ornati[fi-
2 V) mi, Euclidis Elementafex priova,, boc

K off Geometrie , atque adeo Mathe-
matum omnium fundamenta : %
quibus explicandis fi cuipiam Tiacoor nonmulle
[ubticendo minus accurate Mathematice demi-
[Jrationis numeros omnes explere , is velim in-
Telligat mon Sophiflis rewincendis,qui de induflria
velint in luce cacutire , fed dociltbus ingenys &
veritatis amantibus [cribere me inflituiffé. Qui-
bz profeily nefeio an mediscri brenitate obfeu-
riora flant Mathemata,an molefliora nimiaquo-
rundam accuratione.qui feu leclorum ingenso, fen
benenolemtia diffifi [atis per[efe obuia inculcant
anxie , & nequdomifium videatur, tot inv-
wum ratiocinationes congersnt, quot fimul.mente
compleclifit difficillipum. 1d non alibi magis qui
in lsbro quinto licebit intueri, fi cui fuerst oportu-
num alios paffims commentarios ¢um hoc noffro
conferre. Cum enims cius lsbri Theoremata im
e T ) omnene



ommem Mashematica parteys uing bdcre ans-
plilfiman cernerens; mefs thubitaki ghin proxime
¢hi priskeis 1RiArie pronuntfati: cobiererent, ea-
queproindes Wi miehods ddg prim s fhatims princi-
i remocasi, a quibus minimums difée(fient .
vid emmqmmﬁatperMuln kcmm,é‘froba
tigrsiein flesxus Tyronems circumducere, fi propolitss
;Yare terminaruns mmomgus a ”; s quampri-
wnm Verisdiom n 70, Compendio poserat pene -
- drare? I-Inf né. confslium meum vivi 4ccgpzmt
4!5,' wobis Eamen Auditoribus m meis yfi ipfo facile.
grohtarqmg/s’emqﬁ'da Satis «vgrum met bt
ﬂmztmm eftis;meque aliud pmpa Gtum ﬁut mboe
rémdéhdp quam vefrisfe rHire wmmodt:,
oam, qus m:b; 0 gg;t,.gparum ornare [ara fux-
nlz d:gtem A{gm sanabit emolumenti ,
{umr in hcro Vosipierim 'vtz_@cra,laborem
peiim, animun Cerie wﬁ.« vsslitaiis ﬂmT iofi i
jimnmqm Zamgue confuleris, Valetu .

ﬁ'ua intererit, amice Lc&or,‘prgapuaqu

graphorum errata ad calcem l{bn no-
tata przux&iﬂ'c leuiora facilc erhériddbtk
r:tﬁ nullus xﬁoncam.
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. LIBER . k_ i
Definitiones.

1 Pun@um el cuius parsnulla.

2 Linea longitudo latitudinis expers,

- 3 Linez extrema funt pun@ta.

4 Lincaretaeft quz ex ¢quo fuispun-
étis, feu extremisinteriacet: Siue, cmiss
exsrema osbumbram omnia media,

" 5 Superficieseftquz longitudinem ti-
tum habet, : : .

6 Supesficici extrema funt linea.

7. Plana {uperficieset qug ex ¢quo fuis
extremis ingerijcicur. -

A 8 Planus angu-

\\\W \\\\§ 195 et dl.zarulm

D incarum in pla-

. \\\ \“\\&g\ na faperficic fe
C D rapgentium, &

‘nomin dire&tum iacentinm, alterins ad
alteram inclinatio.

7t planm angulus est E F G quia in piana

* fuperfise ABC D, linee€ FGF, fe1ane

gunt inpunélo F, & noniacent in direélum

Jome won cfficiunt vwam veStam lincarms, fd
ad fe mutmo inclinantsr, vs conflitnant 4n-

ium EFG, ]
B 9 RC&I.-:



N
s LIBER 1.
9 Redilineusangulus el qui rectisli-
ncis conftituitur, _ ) - -
10 Quando gerta
A fo cscqrtam co-
fités ¢quales vt-
7 rit\nquc angulos
: fecerit, redtusett
C vterque angulo-
rum zqualivm r qua autem alteriinfi-
ftic, dicitur linea perpendicularis.
Siclinea A B infiffens ipfi C D off cidem
erpendicmlaris.quia angulos gui funt dein-
ceps A BC,. A B D efficit aqmales, & veer=
gque angulns idcirco off reéius,
11 Obtnfus angulus eft, qui maioreft

recto. :
' gl JA 1 Acutus, quire-
&o minor. Ut ob-
‘/ tufus angmins est A

C B D ?Crmu'or re_flo.é' B
s RCHENS VEYD & Te-

&lo minor ¢St ABD.

13 Terminusel quod cuinfque cftexs

tremum. . '

14 Figuraelt quz fubaliquo, jmcali-

quibus terminis continctur. :

15 Cir-

B_




LIBER L = 5
) 15 Circuluseft fi-
gora voicz linez
termino contene
ta, quam circum-
ferentiam feu am-
bitum-dicunt; &
_ ad quam lineam
exaliquo pun&o intra contento om-
neslinex {unt ¢quales.

16 Pun@um autem illud dicitur cen-

trum, Incirculo ABC Feentram eft D,

- ex quo linca D A, D B, D C ad ambitnm
 dAuile, &8 omnes glin funt equales, -
17 Diamerer circuli eft recta per cen-
trum acta , & ad ambitum virumque®
- terminata, Cwisfmods eit AD.

18 Semicirculus eft figuracomprehé- -

faddiametro & partecircumferentiz,
quz diametro clauditur. » 4B (.

19 Segmentum circulicft,quodd reéta

linea & circiiferentia continetur,, qwale
IEFGQ.
20 Redilinez figure funt qua redis
lineis continentur, Trilatesz quz tri-
bus, Quadrilaterz quz quatuer, Mul-:
tilaterz que pluribus.

B2 ar Tri-

7



2 Trilaterarum autem

A figurarum Triangulum
zquilaterum et, quod
tria latera habet zqua-.
lia. Quale e} criangulums

B C 4BC. ,
D 22 Ifofceles feu zqui-

crus aut equicrurum,
: quod duo tantumlateta
aut crura habeg zqualia.

E ¥ Qualcesirriangulum D E
F, inquodnotatumiatera

4 LIBER I

S

DE, D F,funt aquaha.
23 Scalenum tridguli
H et quod omniatria la.
. tera habet incqualia;
o X ¥ g H K

A 24 Re@tangulum crian-

¢gulum eft quod continet
angulum reGum.7ale off
ABC inquo angulus Beit

reltus,

c B

i.g Am-



LIBER I s

» ' - 25 Ambligonii
feu: obtufangu-

lvm, quod angu-

: E R ]jhabetobtusi.
Talecft DEF iy quo angulus E oft obrufus.
G . 27 Oxygonié feuacu-

: tangulum quod tresa-
cutos habet -angulos,
Onaleeft GHI,
H

i

A g 27 Inter Quadrilate:
_ ras Quadratd eft,quod

- ¢quilaterum et & -
quiangulum, feu quod
& latera & angulos ha,
bet zqualia.vs 4BCD,
B 28 Altera parne
longius fignra e

]’\

zquiangula quidg,
atnon zquilatera:
EFGH, ”
¥ Kk 29 Rhombus el fi-
gura zquilatera non
{ Z ‘tamen Tquiangula 1
'1IKLM. :

B3 . 30 Rhom



6 LIBER

o 30 Rhaboides qua,
- oppofita latera &
: angulos ¢gquales ha-

Q. R bet, nontamen aut

omnia fatera aut

omnes angulos habet gquales OPQR.

B, g ¥ Aliz verd figure
qu¢cungue quadri-

laterz vocétur Tra-

ezia. Quzirregu-

x - Y lares fmg?cinﬁn%tg.
STYX. &c. X .

32 Panallelzli-

A .
nez funt quzin
C D  dodemplanoe-
xifténtes, produdz in infinitum neutrd
in partem coincident. Ses gue parivbi-
que fpasiointer fe diffant vt lince AB,CD.
H G Parallelogri-
: mum verd eft
) figura quadrila-
' : tera lineis pa-
F E rallelisdefcrip.
ta. Vs fynra€ FGH eft paraliclogram-
mwnmquia deferibinr lineis E F, G Hpa.
;:Iﬂdis. & lineis E G F oA fimiliser paral-
is. )

P Oﬂﬂ_j



LIBER I o
Poftulata.

1 Petatur 3 quouis punéko ad alivd
quodlibet reGtam lineam ducere po(Tc
2 Terminatam & re@am lineam in
dire¢tum & continuum protendere

3 Equouis centro ad quoduis inter-
uallom citculum defcribere.

Communes notiones (¢ f %
Axiomatg.

r Quz eidem funtqquaha, & inter
fe funt zqualia.

2 Sizqualibusaddaszqualia,totae-

runt zqualia.

'3 Siab zquahbus demas zqualia,
quz remanent erunt zqualia,

4 Siingqualibusadijciantur ¢qualia,

© tota erunt ingqualia.

s Si ab inzqualibus tollantur ¢qua-

lia, quz remanent erunt inzqualia,

6 Quzeiufdem dupla funt, interfe

funt zqualia.

7 Quzeinfdem funt duuda funtin.

ter fe zqualia.

8 Qu# mutuo fibi congruunt, fune.

B4 =qua-.



2. LIBER I

zqualiainterfe. . - .

9 Totum eft maiusfua parte.

10 Omnes anguliredifuntinter fe g-
quales.

B 11 Siin duas

A . retas re&a
' incidés angu-

‘_-—l

@ \‘F—i-)- losinteriores -

& ad eafdem
pactes duabus rectis minores fecerir,
coincident duz illg lineg, protralz in
illam partem , ad quam fpe&antduo
anguli minores reéis. Ut fi in reflas A
BC D, cadens retia E F faciat angislos in-
ternes & adceandem pariem AEF EFC
msinores dwabus veclis,coincident ille lineg
protraéleverfus parsems AC.

12 Dugrectg fpatiumnon comprehé-
dunt. ) :
13 Pareesomnes fimul fumptg fuo to-
ti funczquales, & totum zqualc et
{uis omnibus partibus. '
Propofitsonum alic faciendum alind pro-
ponunt, & vocantur Problemasa;alie.con-
Jiderandum aliquid & contemplandum,
qwe Theoremasainferibuntnr.

ay

Nota.

»
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. Notarum in marginefighificatio.,
" eAx.11. fignificat axioma vndecimem

@ fis de religuis.

10 def 1. figwificat decimam definizionems

bibri prim. o

15 1. boc est propefitio decima quinta li-

briprimi. .

Conit. hec o5t ex construitione. byp. ex
byposhef.

Propqﬁtianes

Propofitio 1. Problema r.

Super datd recla linea teyminatatyian.
gwlum equilaterum conflituere.

C Sit data

refta A B.

/A\ Centro igi-

D E tur A, fpatio
' A B defcti-

- batur circu-
lus BCD,& centro Bfpatio codem da-

catur circulus alter A CE priorem fe-
cans in puné&tq C, iunganturque certs
linez CA,CB, & fa&tum eft quod pro-

poni—i



To. ~ LIBERL
ponitac . Namlatus AC ¢um fit femi-
diameter eiufdem circuliBCD cuila- .
a1 81 lateri AB cidem# ABcft zquale, & la-
~ tus BC cumeodem AB ¢ft femidiame-
ter circuli ACE,clt ergo B Ciph BA ¢~
quale.Cum ergo AC &BC eidem ter-
b1 tio ABfuntzqualiab pariaquoque c-
runtinter fe, ac proinde omnialatera
triangyli ABC funtzqualia.

Propof 2. Problem, 2.

Ad datum punélum dxte rqﬂz lince
q_rukm rectamponereo.

~H. Vtad da-
tum punéti
A ponatur
recta zqua-
lis ipfi B C,
ducatur im-
primistecta
AB,& fuper
_ ea fiat 4 trid,
galum zquilaterum A B D, lateribus
DA, DBin dire®tum produdtis. Inde
<enteo B fpatia BC fiat circulus CEF,
& centro D fpatio DC circulus CGH,
¢ erit-

. ll‘l:



LIBER L 3 3

eritqueres peradta. Namad punctum

Apofita et re@a AG zqualis ipfi BC;

quandoquidem hz duz re&z additis

zqualibus BD & AD fiunt ®quales fc-

midiametribcircnli CG H, Suntergo
1e&tz AG& BC zquales.

Propo. 3. Proble. 3.

Datis rectis lineis inaqualibus de maio-
reminoriparem auferreo.

Verelte Acx
—A maiore BC =z-
qualis aufera-
tur;ad pun@tum
B ponatur BE
~. #ipfi A zqualis.
- € Mox centro B.
fpatio BE fiat circulus DEF, eritq; ab-
- {ciffa BD ipfi A 2qualis; nam vtraque
ipfi BE et zqualis, A quidem ex hypo-
tefi, BD autem quia et eiufdem circu-
li femidiameter.

/ : ' Pro-

b15.df 1



13 LIBER I
Proble. 4. Theorema 1.

Duoram triangulorsm fi latus vnums
wwis ¢ slterums alters fit equale, ans-
gwlid inter ills latera contenti finte-
tiam pares; evimt & bafes equales, &
ipfatetatriangwla: (64 & reliqui an-
inli relignis angulis pares erunt qui-
busaqualia latera fubtendantur.

Vt fi in
A - »® _triangulis A
,\ | "BC, DEF
| “latus AB,

C B g B lateriDE, &
ACalteri DE, fit zquale ( quod dicere

- fol&u interpretes alterdaleeri lacus effe
zquale, vel vtramque vtriqoe) fimul-
gue etiam pares anguli A & D diis
lateribus contenti; Digo bafim BC,bafi
‘EF effe zqualem, & cxtera confequi ve
elt propofiti.Nam fi intelligamus erii-
ulum triangulo fuperponiita vt angu-

: us A congruat angulo D, congruent
sS.ax. alatera A B,AC, lateribus DE, DF,
“altetum alteri, cuinempe clt zquale.
Sed congruent etiam bafes, ideoquee-
rant




LIBER I, 3

‘riic zquales, cumenim pun&aB& C,
cadunt in E & F,recta B C,cadetin EF:

alias pun&ta extrema B & C non ob-
umbrarentbmedia, contra definitiong 44 %
linez certe, a

Propo.s. Theore. a.
Trianguli 1fofeelis angwli ad bafims funt
pares;fi aqualia lasera producamtnr
paresquog; erunt anguliinfra bafim.

A

In triaugulo ifofcele A B C, latera
AB, AC, producantur vt lubet, fum-
ptaque re&ta AD,vtcunque, zqualisilli
a capiatur AE iunganturq; reétz, CD, «4.%
BE. Nanc quia triangula ACD, ABE,

{ quz claritacis caufa excradtafuncex
’ ’ media
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v  LIBER L

mediafigura,8c adlatus pofita) fehabér
iuxta prop. 4. etenim AGipfi AB,z-
qualisex fuppofitiene & AD, ipfi AE-
ex conftru&ione,angnlufq; A lateribus
illis c5tentus et comunis.Ob hzcbin-
quam bafes DC,& BE, funt pares, ité-
que angulus D angulo E, & angulus A
€D angolo ABE.Rurfusin medi figns
£d criangula BCD,BCE, fe habentiux-
taprop.4. Suntenimanguli D,& E, 2-
quales & zqualibus lateribus conten-
ti; erunt igicuranguliinfrabaGm DBC,
BCE,¢quales;item¢Jue anguli BCD,E
BC:& quiatotusangulus ACD,often-
fuseft zqualis tou ABE, dblatis pari-
bus CBE,8& DCB, qui remanent {u~
pra bafim funt ¢qnales. Trianguliigi--
turilofcelis &c. ' '

Propo, 6. ' Theore. 3. '

Sitrianguls duoanguli j"berint equalés,
erunt ¢ latera angulisfubtenfi e-

_ qualia.
Intriangnlo ABCfi¢qualesfuntan-
guli B & C,eruncctiam latera AB,AC

fubtenfadiGtisangulis incer (e zqualia,
Nam



LIBERIL ~ /1
 Nam finegas eflc 2zqualia ; fitalterum
maius, puta AB; cx quoauferaturre-
&a BD,ipfi AC zqualis, ducaturque
‘1e&a DC.Nuncvero cum duo triangu-
la ABC, C8D,habeant latus BC.com-
mune, & altera lateraBD, CA, fint 2~
qualia,anguluf§ue B,lateribus conten-
tus, fit communis erita tridgulum DB
C,tridgulo A B C,hoc eft totum parti,
squale, quod fierinon potelt, Sietgo
erianguli &c. '

tem (uperioris nam
ibiex qualicate late-
rum AB,& AC,col-
B C ligebatur zqualitas
angulorii fuprabafim BC . hicvero,vis
" ceverfo ex a;qualitate didorum angu,
lorum colligitur zqualitas laterym.
Soletautem Euclides eas tantum pro-
pofitiones conucrtere, cum ad proba-
tionem fequentivm vtraque propefi-
tio et adhibenda, hoceft tam conucs-
tens qnam conuerfa..

Pro-

Cauertit hecpro-,
pofitio priorem pac-

Y
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16 LIBER 1.
Propo.7. 'Theore. 4

- Super certa linea dullis ad é@duis

unitum duabusreciis non ducentur
- fuper eadems ad aliud puncium ver-
o eafdempartes due alie, fievique
ab eodem terming incipiunt, fint 2-
guales. _ ‘
Super re@ta AB, dudis ad pun&tum
C, dusbusre@is AC, BC, ducanturfi
fieripoteftaliz dug AD, D B,adaliud

pun&um D, itavi CA, ipi DA, ¢qua-

lis fit, cum qua habet eundem terminii

A& CD, ipliDB, ducatur§ueinfuper

recta CD: quiaigitur AC, AD, funt ¢-
quales, erunt aanguli ACD, ADG, in-
ter {e ¢quales;maior erit proindeangu-
lus ADC, angulo BCD, & multo ma-

C jior angulus CDB;niic

g D  verd quia CB,ponitur
zqualis ipfi DB, erit

: angulus b CDB angu-
, lo BCD, zqualis, qui

. B :
A " tamen-ante erat ofté-
fus malto maior, nonergo ductg funt

bing zquales prioribus. Quod fuit de-
. men-
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monftrandum,. p ’
'Pofletalibi conftitui punétum D ad
quod ducuntur linez polteriores vtin-
tratriangulum ABC,velinalterutroe:
iuslatere; fed eadem demonftratione
facile probabitur lineas pofteriores
numquam pofle efle gquales prioribus,

Propo. 8. Theore.y. _
Si duo trianguls duo latera duobus lase-
ribus alterum alters agnatia habue+
rint, & bafim bafi equalem ; babe-
bunt eviam angulum lateribus con-
* tentum aqualem.

A

14

G

: € £ y
Intriangulis ABG, DEF, fintlatera
AB,AC,ipfis DE,DF,¢qualia,itemque
*bafis BC,bali EF. Quod fi negas angu-
losA & D, latetibus contencos pares
efle, intelligatur triangulum ABC eria-
gulo DEF,(uperponi, tunc verd pecef-
: C fand



114 . LIBER I

farid punQurh A,cadetin D, & fican-
gulusangulo congruetvevule propofi-
tio: nam (inon caderet in D, fedin G,
aut alind pon&um,tunc duzredtz dua-
+bus rectis zquales ducerentorad alind
pun&um, &c. quodeft contra prece-
dentem . E5F coumertens prime pariis
propof- 4. A
Propo. 9. Prbble. 4.
Datwm angulum reclilinenm fecare
bifariam.

, Sumatnr re-
A ¢a AB, velu-
- bet,& ii»ﬁ par
B/ . bus dati angu-
liBAC, nec

/\ non fuper du-
D &GamreCam B

C.fiat triangu-
tecta A D,per quam angulus BAC, di-.
‘uidetur bifaciam: nam AB, AC, zqua-
les funt ex contru&tione, & AD com-
munis, eftque infuper bafis BD, bafi C
D, zqualis, funtsergoangulipAD,C

AG, ex lateri-
lum zquilaterum BDC, ducaturque
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AD,zquales;quarc angulus BAC, dii-
fus eft bifariam. Quod erat faciendum,’

Propo. 10. Proble. 5.
Datam rectam finitam fecare bifariam,

- C Super 1e®ta AB, fiat
tridgulum ¢quilarerum,
cviusangulus ACB, di-
uidatur bifariam per re-
2D &am CD, & 1eéta AB,

in ponéto D Dbifariam
quoque fedta erit: Nam triangula CA
D, CBD, fe habentiuxta 4.prepo. Er-
go bales AD, DB, funtzquales.

Propo. 11. Proble. o.
Ex dato puncto in linea rectaperpend;-

cularemexcitare,
Intelta BC;
A detur pun&um

D, [umprique

pro atbitrio D

B, [umarur 2~

qualis DC, inde

— : ~ fuper B C ftru-
B D < &otrianguvlo z-
C 2 quila-




16 LIBER I

quilater BCA; ex A, ducatur redta AD,
& hzc erit ad angulos re&os ipli BC;

'Ni latus DB,2quale eftipfi DC,ex ¢6-
fiructione, & latus DA, cdmune bafis

et 1 infoper,BA,bafi CA,¢qualis;sit acrgo

b.10. dif 3, anguli ADB,ADC,zquales,ac proinde

re@i & pfa AD, bperpendicularis.

Propo. r2. Proble. 7.

A dato extrareclam punclo perpends-
cularem ducer¢ ad eandems reclam.

Detur pub-
&um A, quo
centro , {patio
quocung; du-
catur circulus
 dummodo fe-
~ cetre@tam BG,
& fuper par-

tem abfciffam BC, fa&o triangulo
ABC, eadem B C, diuidatur bifariam,
ducaturque recta AD; & hzc eadem
erit perpendicularis,du&a ex A, ad re-
¢&am BC.Nam quizin triangulis ABD,
ADC, zquales funt AB, AC, eiufdem
circuli [emidiametri zqualesitem B,
~ - DC,ex conftru&tione & AD comunis,
angu-
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anguliAD B,s ADC, cruntzqualesac .,
preinde reti. ideoque re&a AD, per-
pendicularis,

Propofitio 3. Theore. 6.

Reéla faper vectam@fiffens aut dnos
‘veclos aut duobus reclis qaale{ AU~

Jos facis,
B A Nam reéta
' AB, confiltens
. - fuper CD, aut
facitvirimque
. zquales angu-
C B D los, & proin-

dere@os; aut
inzquales,& tuncex pun&o B, excite-
tur perpédicularis BE,quiaigiturinan-
gulo ABC,continebatur vnus rectusE
BC,&infuperangulus EBA,quiciian.
gulo ABD, facit alterd retum, & re-
&a AB, conftituebat angulos ABC, A
'BD, zquales duobus reétis.
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Propofitio 14. Proble. 7.

Siad puncluminrecla linea datumdue
yecte nonad eafdem partes duile an-
gulos efficians duobus reciis equales,
“in direcium fimt ille linee,

A Nam fiad pa-

"@&um B, ducan-

tur duz re&z

- - £ CB,BD,facien-

tes cum reéta

. T D AB, angulos z-

- quales duobusreis, & negasiacere in
dire@um, iaceatergo BE, indirc&tum
ipiCB. At hoceffe non poteft; nam
anguli ABC, ABD, erant pares duo-
bus recis: non funt ergo pares duobus
recisanguli ABC, & ABE, alias totum
parte non effec maius; fed nequealia
ducipotettipfi CB,adiacensin dire@i

pifi BD; ergo &c,

Propofitiors. Theore. 8,

Sidus recie f¢ inuicem fecuerint angs- -
los ad werticems oppofites aquales fa-
gient.

- Re&z AB,CD, fecent fe in Ejeritds
- ' angu-
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angulus CEB, angulo AED (qui dici-

tur illi effe ad ver-
A p fticem oppofitus)

zqualis: nam fiue

\/ AED fiue CEBad-
: o _iiciatur anguloin-
/ \ terie&o AEC, ¢5-

' fituer  zquales

' P duobus redtis ;

quarcanguli CEB,& AED, funt ¢qua-

les,cum addito eodem , fiant zquales.

Similis demonftratio procedet in teli-
quis oppofitis angulis ad verticem,

Propofitior6. Theore. 9.

Omnis trianguls quonss lasere producle
externus anguins vtrolibes interne

G oppofio maior eff.
A ¥

B C D
Tri;nguli ABC,latere BC,produ&to

in Dycritangulus ACD  externus ma-
: Ce ior
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“iorinterno & oppofito CBA,vel BAC;
latus enim AC,bifecetur in E,ducatur-
que BF, ita vt EF 2qualis fiacipfi BE,
iungaturg; re@a FC, quz erit zqualis
¢ 1  ipfi AB: namaduo latera EB,EA, =~
qualiafunc duobus EF,EC, & angu-
_1i contentigqualesad verticem; Trian.
~ gula ergo AEB, FEC, fehabentiuxta
4.ptopo. & bafis FC,bafi AB ¢t ¢qua-
lis, angulus item BAE, angulo ECF;
fed hicelt pars anguli externi ECD, i-
deoque minor,qiare & angulus BAC,

minoceft extertno ACD.
‘ Quod

filatus B

-~ G, bife-

© cetur. in

¢ ° D Eprodu-
&o late~
re ACjin
. Gy &re-

.. liqua fize
- vt priug

e0dé mo-

do monftrabitur angulum BCG, &
proinde angulum ACD,quicft huicad
ystticem, maiorem effe angulo ABC,
ST o Om-
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Omnis igitur &c. |
Propofitio 17. Theore. 10.

Omnistriaguli duo anguls guomedocity;
- Jumpti minores funt duobus reéiis.

A NamangulusC,
internus plus ree
quirit quam angu-
lum B,vt fiat¢qua-

~_lis duobus redtis;

B C requirit enim an-

gulom C, externum maiorem interno

# & oppofito B; non funt ergoanguli ;¢

B,& C,internis pares duobusre&is. Si-

militer alio latere produ&o de alijs

quibufuis duobusangulisidem proba-

bitur, Omnis ergo &c.

Propofitio 18.  Theore.11..
Omniis tyiangnli maius latus masorems

angulum fubscadit.
Vefitrizgu-

A li ABC,maius”
A. . cﬁ latus A Cl
quam AB,ma-
B N

ior erit angu- ,
us
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lus ABC, quam angulus C, fubtenfus
alatereminore AB:Sumaturenim AD,
zqualis ipi AB:Tuncvero quia ¢qua-
lia funt lagera AB, AD, anguli ABD,
ADB,(uprabafim funt pares. Sed an-
gulus ADB, ¢l externus & oppofitus
angule C,ac proinde b maiorsmalto er-
fo maior eft,totus angulus ABC,angu-
o C, Omnisigitur triangul.&c.

Propofitio 19. Theore. 12.
Omnis tyianguli masor angulus maiors
laters opponitar.

A Siangulus B,maior Gt
ipfo C,erit & AC,maior
quam AB, nonenimeft
minor aut zqualis, nam

. B ¢ tuncangulus B, effet mi-

nor 4aut 2qualis bipi C, eft ergo AC,
matorquam AB, Quare omnis trian-
guli&e: -

Propo, 20. Theore.s.

~ Omnis trianguli duo latera guomods-

cunque fumpta, relique fimt maiora.

Sienim in triangulo ABC, latera A
B, BC,imul fumpta non funt maiora
ipfo
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ipfo AC, producatur AB,fic vt BD, z-
D qualis fitipfi BC,
& proinde AD,
zqualis fic ip.
fisAB, &BC;
B Nunc vero quia
BD, & BC, funt
~  zqualia; erlicpa-
A C res aanguli D,& ¢ %
BCD; maior ergovtreg; eYit totus an-
gulus ACD; fed totum hunc angulum
trianguli ADC, fubtendiclatus AD,
maior ergoeftbrecta AD (' qug zqualis ¢33 %
e® duabus AB,& BC,)quam latus AC,
Omnis ergo trianguli &c,
Propo. 22.  Theore. 74.
Sidterminis vnius lateris in triangnlo
duse reclaintra triangulum iungan-
tur,crumt be lateribus trianguli mi-
BOYES; MAIOTEM VErD anguinm con-
tinebant. ‘

Vtin triangulo ABC, dico latera
‘BA,AC,efle maiora re&is BD,& DC,
‘quz intra triangulum iunguncurin D.
Nam producto latere BD, inE, latera

BA, AE, trianguli BAE, maiora 4 fut{:t 410 L
: iplo
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ipfo BE; Addito ergo comuniEC,ma
A - iora {unt BA, A
- C,ipfis BE, EC.
E  E quiain trian-
D gulo CDE maio -
rafunt - CD,ED,
biplo CE,addito
B ¢ co}:num DB,ma-
iora fient CE,EB,quam CD, DB; Sed
CA,AB,maiora oltenfa funt quam BE,
EC;erunt erge AB, AC, multo maiora
ipfis BD, DC; Secundo angulus BDC,
externus ¢ maior eft interno & oppo-
fito DEC, & hic maioripfo A interno
& oppofito; multo cr%o maioreftan-

+ gulus BDC, ipfoangulo A.

Propofitio 22. Proble. 8.

Triangulum cowitituere cuius lateratrs-
bus datis lineis [int equalia ; gporset
awtem duas quomodocwngucumptas
reliqua effé maiores.

Dentur tresre&tz A,B,C, & ipfis fu-
mantur ordinezquales DE, EF, FG:
tum cérro E,fpatio ED, ducatur circn-
lus DG, & cétro Finteruallo FG, duca-

_ turaicculus alter GH,iungfturq; re=
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EH,FH, & {s@i < quod proponitut;

Niin tridgulo EHF,re@a EH, zqualfs | 4y

acht ipli DE hoceltipfi A,EF,veroipfi
B, acdeniq; FH,ipfi FG, hoceft ipfi C.

Propofitioz3. Proble. s.

Ad datum in vecla punitum dato an.-
gulo, equalem angulum reclilinenm
ponereo.

A B Detur angd-
lus A,cuiad pi-
&um B, in refta
BC, xqualis fit
D E < F ponendus.Sum-
ptisvtcunque in lateribus dati anguli
punctis D,& E,iungaturre&ta DE,con-
ttituaturque triangulvm BCF, cuivs la~

tera

{ :



AL

terafint tribus lateribus ipius ADE, .
qualia,itave BC par fic ipfi AD;BF,ipfi
AE; CF,ipli DE: Quo fa&to triangula
fehabentiaxta8.propo. Namlatera &
bafes {untzqualia; quare anguli A, &
B,zquales, & ficfaétum eft quod eract
propofitum.

Propofitio 24. Theore. r5. -

 Si duo trianguls duo latera equalia al-

terum alteri babserint , ¢ vnum
* triangulum habeat angulum laters-
o bus contensum maiorem, idem quo-
guc habebit balim, bafi alserius trian-

- guli masorem.
’ D A Ve fi latera

AB, AC, z-
qualia fintla-

/ teribus DE,
DF. & angu-

G g FB € lus A, maror
angulo EDF, maior quoqueerit bafis
BC, bafiEF.Nam G fiat angulusGDF,
iphi A zqualis, & latys DG.ipfi DE, fic
equale, jungiturg; re¢tg GE, GF.an-
gulia DGE,DEG, pares erunt; quare

totus FEG , maior erit quam DGE, &
) mul-;
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maulto major quam FGE, quare re&a

b GF, & huic zqualis BC, maior eft 4 yy, 4,

quam EF.Si duo ergo triangula &c.
Propofitio 25. . Theore. 16.

Siduo trianguls dwobus lateribus dwo
lasera aqualia habuerins alierum al-
teri,bafim vero bafi maiorem, babe-
bunt angulum contentum lateribus

 angulomasorems.

P Nam fi pa-

, A |
| ria finc late-

12 AB, AC,

A\ iphs DE. D

B e ¥ T)‘ F,& bafis B

C,maior ba-
fi EF, angulus A & maior critiploD. # 24-x
(i enim avt zqualis eflet, aut minor,ba-’
fis etiam EF,ipfi BC, zqualis eflet, aut
minor cGera hypothefim. Siergo &c.

Propofitio 26. Theore. 1.

Si duo triangula duos angulos duobus
angulispares habuerint alterum alte-
75, && vnum latus vni lateri aquale,

Sine quod adiaces angulis , fine quod

yns
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wnik equalium angulorum fabtendi-
tar , erunt (rreliqua lateraalierum
alteri aqualia, & religuns angulus
reliquo aqualis. '

Sint in.
triangulis
ABC, DE
‘Fanguli B
N S N & ACB,
B HCE F ¢qualesan
gulis E & F,fitg; primolatus BC, quod
adiacet angulis zqualibus zqualelate-
riE F:iam fi latus BA, non et zquale
ipi ED,ficillo maius, & exeo fumatur
BG,2qualisip(i ED, tam vero , du&a
CG,duo latera triangulord BG C, &
EDF,zqualia funt,& anguli contenti B
& E,¢qualesvnde aanguli F, & GCB
pareserunt; quodefle non poteft; nam
hicanguluse®t parsipfius ACB,qui -
qualis ponebaturipi F, non eft ergo
maior BA,quam ED; fed neque minar,
aliaslateri ED eadem qua prius appli-
¢areturdemonftratio; ergo xqualis; &
tunctrizggnla BAC,EDF,{e habét juxta
¢-prop. & latera lateribus, anguliitem
" angue
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angulis correfpdétibus funt zquales.
Sit fecundo pofitisangulisB, & ACB,
ipfis E, & F¢qualibus, latus ED quod
fubtenditur angulo F, zquale lareri
BA; iam fi BC noneft zqualis ipfi EF,
fit maior, fumaturque BH =qualis ipli
EF, du&ique AH,probabitur triangu-
la BAH, & EDF, efleiuxta 4. propo.
-Quare angulum BHA, parem effeipfi
F,cui eidem ¢qualis eft ACB; quod fieri
nequit:nam fic angulus AHB, ¢qualis
eflet interno & oppofito ACH; nen
et ergo BC,maior quam EF, fed zqua-
lis; quare rurfus triangulaBAC, EDF,
funtiuxta 4. prope. & cetera fequun-
_tur ve prius,

Propofitio 27. Theore. 15.

Siinduas vedlas reclaincidens angulos
alsexnosparesfecerit, parallele erunt
ille linea. -

Sint duz
reétez A B,
CD,in quas
. cadat reéta
© F EF, faciens

/ . -angulos al-
: D ternos
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ternos AEF, EFD, ¢quales; parallelz
ergo crunt rectg AB, CD; nam fi con-

/ currerentin
‘ : G, & feret
A E/ B triangnlum
G EGF, effe

~ angulus ex-

c / F el ternus AEF

maior #interno & oppofito EFG, cui
ponebatur zqualis.Eaden fiet demon-
ftratio fi dicantur concurfurg verfus A;
neutram ergo in partem concursent,
fed funt pacallelz,

Propofitio 28. Theore. 19.

Si i duas rectas recia incidens amoulum
externum interno ¢ oppofito ad eaf-
dempartes aqualem fecerit, aut dues
internos ad cafdem partes aquales
duebus reclis parallele sist ille linee.

In duas re@as AB, CD, incidens EF,
factat primdangulum externumEGB,
=zqualeminterno GHD,& oppofitoad
ea(dem partes;quiaergoangulusEGB,
¢qualis et angulosad verticem AGH,

« eruntanguli alterni AGH, GHD, -

quales
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r quales ; com
\ zquales fint

A G L yni tertio EG
: \ B: ergo linez
" AB,CD, funt

C H.\ p parallelz. Fa-
ciat fecundo

‘ . F.' re@ta EF, an-
gulos BGH,DHG. internos ad cafdem
partes zquales duobus redis; quia er-
§o angulus E G B, cum angule BGH,
Facit zquales duobus redis & cum eo-
- dem BGH,angulus GHD, facititidem
duobusredtis zquales, fequitur angu~

lum externum EGB, zqualé efleinter- -

no GHD: quare per priorem partem
huius propo. re&z AB, CD, funt pa-
sallelz. '

Propof 29. Theore. 20,

Sirectainparallelas incidat angsliinter-

ni ad eafdem partes ducbus velits -

quales erunt,auguli item alteyni inter
Je equales; ac denique angulus exter-
nus interno ¢ oppofite erit aqua-
wss. ,

- D2 Ve
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B Viefiin paral-
lelas AB,CD,
cadatreéta EF,
primo anguli
interni ta ver-
' fus A, quaver-
© H D fus B, pares e-
: rit duobus re-

F &is: nam fiver-
fus alterutram partem effent minores;
lineg ex ea parte s produdkg cocurrerée,
quate contra hypothefim non effent
parallelz. :

Secundo quia angulus DHG, tam
cumanguloHGB, quam cum angulo
CHG,valet duesreftos,fequitur angu-
los HGB, & CHG, qui funt alcerni,
inter feefle zqualcs.

Tertio eidem ratione quia BGH, G-
ue cum externo EGB, fiue cum interno
GHD, valetduos re@os, fequitvrex-
ternum EGB, paré eflcinterno GHD.
Siergore&tadic.

A -c.'

Sty L e

i

feir el i e
K%ﬁ%k<§%§ﬂ
WX rXSZ ZXER -
FEEE TR

Pro-
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Propo. 0. Theor.2s.

Qe cidem recle funt paralleles o
< inter f¢ funt parallele,

A o« 5 8z AB
1/

CD;paral-
lelz ipGE
) F,in quas

. — omnes ca-
G / H b dat’ re@®a
GH.Quia

ergo AB, EF funt parallelz , angu-
lialterni AGL, GIF funtszquales: Sed
angulus GIF, zqualis et sincerno &
oppofito IHD (cum EF,CD,ponantur
parallelz) funt ergo inter fe zquales

PEETEN
'3’0 | A o

anguliAGH,GHD, cum fint pares ¢i- -

dem tertio GIF ; (edijdem anguli funt
alterni circalineam GH, f{unc crgo li-
neg¢ AB CD,cin quas incidit, paral-
lelx, '

GO80890000E0E909596969
Baistatet
@m@w@@@m%@%

‘ D Pror

¢ 27. L
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Propofitio 3r.. Proble. ra.

- Ex dato punclo dute reiia parallelam

ducere_.
; N C . . Detur

] / re®a AB,

cui ex pi-

A D &o C, du-
cenda fit parallela: fumpto inre@aAB,
pun&o quouis,puta D, ducatur veciig;
re&a DC,& angulo CDB,conftituatur
s2qualis ECD,eritque rea EC, 5 ipfi

AB parallela;nam angulialterni ECD
CDB, funt pares.

Propofitio 2. Theore. 22.

Omsniis trianguli vnoe latere producto ex-

-gernus angulus duobus internis &
oppofitisef} aqualis, & tres interns
dwobus rectis funt equales.

Trianguli ABC producatur latus
quodcunque, puta BC,in D, ducaturg;
aCEipli AB parallela, Quiaergo AC
caditn parellelas AB EC, anguluss A
zqualiseftalterno ACE. Rurfus quia
reta BC, caditin eafdem parallelas;

angu-
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. angulusECD, externuszqualis el in-

terno B. Totusigitur ACD zqualis eft

duobusinternis A, & B, & probataeft

prior pars propofitionis.Nunc quiaan-

gulus ACB cii externo ACD valet duos

. A g re&os,ide AC

B, cum duobus

A & B, valebit

duos reos, cit

. A &B oftenfi

c D fint pares ipfi

externo ACD. Omnis igitur triangu-
li &¢.

. Corrollarium.

Hinc manifestum st in omni quadyila-
sero guatsor fimml angulos quatuor vellis
effe aquales: nam duttareila ex vno angu-
boin oppofitwm , quadrilasernm diwiderur
induo srsangsla que finguln babent angu-
los pares dwobus rectis , anguli ergo rosins
guwadrilateri valent quasnwor reltos. vt.ap-

_paresinfigura feq.prope, '

S i
GRRE

D4 Pros

€ 29 ".
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Propo. 33. Theore. 23

Linee recte qua equales é'parallela;c,
ad eafdems partes iungunt, funt &

ipfe equales & parailele.
, Reétas A B,
A B CD =zquales &
' parallelas iungic
J ad cafdem partes
C » D duzealic; AC, BD
ducaturquere&a

BC. Quiacrgo reéta BC tangit paralle-
las AB,CDj;angulis alterni ABC,BCD
pares funt. Nuncvero quia latera AB,

" CD funtzqualia, & latus CBelt com-

mune, angulig; cStenti ABC BCD ste
zquales , triangula ABC, BCD funt

- iuxtasq. Quarebafis AC, baft BD, eft

zqualis: (quz cft prior pars propofi-
tienis )& infuper angulus CBD,angulo
BCAeritzqualis, Nunc ergo quiain
duas rectas AC, BD cadens re&aBC
facit angulos CBD,BCA alternos z-
qnales, parallel¢? {unt AC, BD.

W%
Pro-
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PropoCT34. Theore. 24.

Parallelogrammorum [patiorum oppo-

© [italatera & anguli fwnt equalis;ip-

faque parallalogramma & diametro

[fecantur bifariam.

M B Nam in parallelo-

7 grimo AD du@adia-

metro BC, anguli al-

ternis ABC, BCDsit

pares, & rurfusgqua-

o) D les funt anguli CBD

‘ BCA; quiaergo trian-

gula ABC,BCD habent duos angulos

pares, & latus BC adiacens angulis ¢5- ,

- mune, reliquié anguli A & D funt pa- & 26. =
res, & latera omnia, & anguli corre{pa-
dentesfunt zquales: tota denique trid~
gula zqualia funt, Quare parallelo-
grammum AD bifatiam fecatur 3 dia-
metro B C. Igicur parallelogram. &c.

Propo.3s. Theore. 5.
Parallelogramma faper eadems bafs, &
ineifdem parallelisconflitura,inter fé
ﬁmt equalia.

ll,‘b | S

Supet
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. E B Supereadem
¢ X bafi APB, confli-~
toca Ont duo
parallelogram-
ma AD, AF;
B fintque AB,CF
linez parallelz. Confiderentur deinde
duo triangula CAE,DBE in quibus la-
tus AC ¢quale eft 4ip(i DB, & CEal-
teri DF:nam CD,EF.zqualiaé{unt vni

. &eidem AB, & addito communiDE

lineg CE, DF funt pares.Sed & angulus
BDF zqualiseltipli C,ciinreétas CA,
DB cadat CF: funt ergo triangula
CAE,DBFiuxta4,& vndique zqualia.
Quare ablato ¢c6muni triangulo DEG
, trapezia reli®a CD GA, FEGB funt
2qualia; & addito communi triangulo
ABG,tota parallclogrima {unt paria.

Propo. ;6. "Theore. 26.

Parallelogramma fuper aqualibis bafi-
bus, > ineifdem parallelis conflituta,
swter [¢ funt equalia.

Satis patet ex przc:nd id€ facit ¢qua-
{is bafis, & eade. Sint nihilominus pa-
: ral-
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rallelogrima AC, EG inter parallelas
AH,BG (upcrbaﬁbus paribus BG,FG,
ifigaturq; reétx BE,CH:qug quiasiigiic
gquales & parallelas BC,EH,siit & 1pfg
szqnales, & parallelz: e@que EBCH “*#4 *! .
parallelogrammum zqu;leA\gnquc b5 L
tam ipfi cum
A DE Hg fupper eadem bafi

BC, qui alteri EG,
cum fitetiam fuper
.cadem bafi EH.

B € F G Suntergo& cxtre-
ma parallelogramma AC,EG aequal:a

Propofitio 37. Theore. 27.
Triangula fuper eadem bafi & inter pa-
ral/elas eafdE pofita, fums equalia.

B A D F Sint triz.
gela, ABC

DBC, fu-

per eadem

bafi BC in-

ter paralle.

las BC EF, ducamurque reck¢ EB pa-
rallela iphi AC, & FC ipli DB pa-
rallela. Quiz ergo parallelogri ma EC,
BF {unt fuper eadem baﬁ, & inter eaf-
dem
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dem parallelas ,# erunt gqualia. At triZ-
E A D F gulumABC

et dimidia

\< / b parallelo-

\ éé \S / grammi EC;
cumgq; tria-

B < guluimDBC

 alterius parallelogrammi BF Gt etiam

dimidium,erunttriangula ABC, DBC
inter (¢ ¢qualia,quod eratdemontftran-

dum.
Propofitio 3#. Theote. 24.

frimgula Super equalibus bafibus ¢ i;:
esfdem parallelis funt equalia.
Patet ex
A M proxime ante
N\,

I ({i L cedenti, Trid-
[ gula enim fu-
l \/ / \ / perioris pros"
B CE T pofttionis po-
nantuc fuper
2qualibus bafibus vt fing ABC, DEF,
duciturque verique lateri patallelz, &

demonfiratip procedet vt prius.

Propo,
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Propofitio 79. Theore. 2¢.
Trianguls aqualia fuper cadembals &

ad eafdem partes conflisuta,in eifdems

[unt parallelis.

Nam fi trian-

A ~ p gulaABC,DBC

N—_E] fuper eadem ba-
V ‘ fi {;C cunﬁi{:lu-
. ta, fint zqualia,
) & ncgas ‘Lmen
c reftam ex A per
D do&amipfi BC effe parallelam; du-
caturalia qua (it paraliela puta AE:iii-
@i ergo re@i CE, erittridggulum ABC,
zquales trisngulo EBC,quod fierinon
poteft: nam triangulum DBC zquale
ponitur cidem triangulo ABC; ergo
EBC quod eft pars totius DBC trian-
gulo ABC non poteft efle zquale.
Eadem demon@ratio fieret i re&am
AEvelles cadere extratrizguli ADC:
non ergo crit alia parallela quam

437. 5
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Propofitio 40. Theore. z0. -

Equalia triangula & ad eafdem parses
Juper equalibus bafibus conflitura sice
sintereafdem parallelas. _

Ni G triangu.

A___D - 1xBC, DCE
pofita fint -
qualia & (uper

: zqualibus ba-

e ¢ E fibus BC, CE;

neges tamen
re&am AD ipfi BE efle paralleld, fit par-
allela AF.Tunc vero du@i FE,triangu-

* % 1 Jum FCE eritszqualeipi ABC,cuiei-

dem zquale ponitar triangulum DCE;
erunt ergo pars & totum eidem zqua-
lia,quod effe nequit.€ thanc manifefinm
et effe conmerfampropo. 38,
Propo. 41. Theore. 3.
Si parallelogrammam ¢ triangnlum
eandem iabuetint bafim linique in
. gffdemparallelis , erit parallelograms-
mum duplum trianguli.
Sint parallelogrammum BD & trif-
gulum EBC, fupereadem bali BC, &
. inter
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_ E inter  parallelas
A D AE,BC;ducatur-

que AC.Quiaery

go tridgula ABC,

»EBC funt zqua-

B c 1ia,& ABC cft di-

midium parallelogrammi BD, fequitur

etiam triangulom EBC,cin{dem paral-
lelogrammi efle dimidium,

Propo. ¢2. Proble. nm.
Datotridgulo equale parallelogrammi
coffiswerein dato angulorectslmeo.

Sint da-
ta triangu-
lum ABC,

A F G

& angulos
f - D; baique
B B < ‘ D B C s blta-,

ridfe@ta in

- , E, ducatur
AE,agaturq; s per A,re&a AG ipfi BC,
parallela, moxad E pun&tum, falto an-
gulo FEC,biph D zquali, educatur ex
C,reta CG,ipfi FE parallela, Quiaer-
go triangula ABE, AEC, foperc zqus-
libus batibus BC, EC funt zqualis; &
- ltlangu-

"él L

435 1,
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48 LIBER 1.
triangulum AEC,parallelogrammi fu-
per eadem bafi EC, conftrudtid et di-
midium, fequitur totnm triangulum
ABC, eflezqualeparallelogramo EG.
Dato ergo triangulo zquale parallelo-
rimi conftituimus, habensangulum
FEC dato angulo D zqualem.

Propo. 4;. Theore. 72.

Omnis parallelogrammi eorum qua ciy-
ca dismetrom funt parallelogram-
moris coplemzta funt inter [¢ equalia,

A ) r D Circadiame-
trum AB, pa-

EX1 rallelogrimi
CD, confiltit

<c G B parallelogrd -

ma EF,GH; complementa vero quedi-
cuntur, fint parallelogrammaCI, ID,
per quz diameter AB,non tranfit;quia

- 1gitur diameter AB, diuidit bifariam

parallelogramma CD,EF, GH, 4 erunt
triangula AELIGB, zqualia triangulis
AF11HB; (ed & totum ABC,totitrii-
gulo ABD,2quale eft:compleméta er-
go CI, ID, funt etiam zqualia. Om-

_ nis ergo parallelogram. &c.

~ Pro. 44.
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Propo, 44. Proble. 12,

Ad datam reitam parallclogrmm;:m
conflituere dato trianguly aguale in
_dato angwlo reclilineo.

Sitdata re@a A, triangulum B,angu-
Jus C: Fiat deinde parallelogrammum
DG zquale triangulo B, habeatque « 42. 1.
angulum DFG angulo C =zqualem.
Polthgc produo latere FG,in in H,ita
vtGH fitzqualis re&tz A, per H agatur
L N,éparallela ipfi E G, & occurrens 631 n
lateri DE,in pun&o N.Rur{us produ-
&o latere DF, ducaturex N, diameter
per H occurrensipfi DFin K,du@®ique’
per K, retaKL,parallels ipfi FH, latus
EG producaturin M. Quo fa&to dico
parsllelogrammum GL, eflequod pe-
titurznam quia complementac funt 2-© 34 *
qualia, fi complementum GD, eftz-
"E ¢qua-
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lecriangulo B,eritetiam G L,cidem B;
zquale; fed & angulus MGH , zqualis
sltangulo FGE, oppofite4ad vertic€,
quare & ipli C erit zqualis; eftque re-
&a GH,zqualisdatzre&z A:Igiturad
datam reGtam &c. ,

Propo. 45. Proble. 1;.

Dato reclilineo aquale parallelogram -
mum coftituere in dato angulo rectis
lineo.

A - B FG K

i/

/
HI L

¢ »
SitdatusangulusE, & re@ilincum
BC,in quo du&i re&ti A D,fiac paralle-
logrammum FI, &« ®quale triangulo
ACD inangulo H qui ficipfi E zqua-
lis: protrahatur deindelatus HI & ad
reGtam Glin angulo GIL, (quicltz-

qualis;ipliH,quare & ipfi E)fiat paralle.-
Jogrammum GL, zquale triangulo
ABD, critque tota figura FL parallelo-
' graom-
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grammum: nam L K, parallela efipfi
FH, cum vtraque fit1pfiGlparallela,
cumque Gk,ipfi 1L fit parallela , ficue
HL eft vna recta ita etiam Fk;funt vero

' FG HI parallelz, quare ctiam tor
Fk HL, erunt parallel¢. Dato ergore-
ctilineo &c. : N

Propoﬁ. 40, i’roElc. 14.

A data recla linea ‘quadraturs de-
[eribereo. |

Sitdatare&ta AB,

ad cuius extrema

A &Baexcitétur o g, 1,

perpendiculares

CA, DB, ipfi AB

zqudles, iunga-

torg; reéta CD,
& coftitutom eft quadratum. Cume-
nimanguliA & B,fint te&i,bcruntAC',i S
DB parallelz, funtque etiam zquales, #hx
ex conftruétione quare CD, AB, funt
queque parallelz & ¢quales; ac prop-
terea AD, eft parallelogrammum;cum- .
que anguli A & B;fint redticereetiam . . <
~ oppofiti C,& D,re@i:funtverotriala-~
E.2 teid
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tera reliqua fumpta qqualia‘ipﬁ A B,
guarp figura AD, eft quadratum,ex de-
nit. 27, . ’

Pléopo. 47.‘ | Theore. _};.

In reilangulis triangulis quadratums
. z:ad alatere rectum angulum fubié -
nte Aeforibitur, aguale oft cis, que

& laterib. redlum anguli continents-
bus deferibuninr, quadratis.  ~

H

N

4——-— c

Y

4 P E K. .
. 46 1 In triangulo A B C, angulus BAC,

retus fic flantque fuper o lateribus AB,
' ‘ AC

)
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"AC, quadrata BG, CH. Item fiat fuper
latere BC,angulom re¢tum fubtenden-
te quadratum BK, quod dico gquale
elle duobusaliorum lacerum quadratis
fimul fumptis; duca enim AE, paralle
13ipfi BD,aut Ck,iungantur etiam re-
&z AD, FC.Quia igitur angulus DBC,
angulo FBA, rectus reéto eft zqualis,
addito comuni ABC, pares eruntangu-
- liDBA,FBC; {ont infuper triangulo-
ri ABD, FBClatera DB, BC,iphis BA,
BF fingula fingulis ¢qualia: triangula i-
gitur ABD,FBC,ésat zqualia: {ed trid-
gulii ABD, et dimidia ¢ parallelogrami
BE,cum fit [uper eadem bali BD,inter
parallelas BD, AE, & cafdem ob cau-
{as trigngulum FBC, cft dimidia qua-
dratiBG; quadratum ergo BG gquale
eft parallelogrammo BE, cum corum
~dimidia fint patia. Quod i pun&a
- BI,AK,coniungantur duabus lineis re-
¢tis, cadem plane methodo probabi-
tur parallelogrammum EC, quadrato
CH,efle£quale. Totum igitur quadra-
tums Bk, reliquis duobus 2quale et
In re@angulis igitur &c,

* E 2 Prg-
/
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~ Propo. 44. Theore. .

Siquadratury ab vm'trian;guli latere

" deferiptum equale eff duobus reli-
quersm laterum quadyatis,, anglus
quem reliqua lasera  contient . eff
reling. ' S

In triangulo
ABC,fGitlatus AC
huiufmodi,vt eius
quadratum gqua-:
le it quadratis
~-\ duotum reliquo-
A © € rum laterum AB,
BC; dico angulum ABC, contentum
ijfdem reliquis lateribus effe re¢tum.
Nam fi ducatut ex B, ipfi AB, pecpen-
dicalaris BD, ipfi BC 2qualis , ion-
gaturque reta AD, tunc quia angulus
ABD, rectus eft, erit quadratum ipfius
AD, zquale quadratis sre&arum AB,
& BD, vel BC;cumque quadratum ip-
fius AC, quadratis carundem AB, BC,
ponatur ¢quale,erunt hine¢ AC,AD ¢-
quales inter fe. Quia ergo duo triangu-
la ABC, ABD, habent tria lateraé z-
Co qualia

]
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qualia, sit etiam anguli omnes ¢quales
qui fibi refpondét: vnde quia angolus
ABD rectus,e@ rectus etiam exit ABC;
fi ergo quadratum &c. ESF conwerfa pree
cedemis, vs fatisparet. S

E4 EVCLE
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Definitsones.

1 Panllelogtammum reangulum
eontineri dicitur fub duabuslineis qua
rectum angulum comprehendune.
] B Ut parallelogram-
-\  mik rellagninm FG
‘ PL continetur fub re~
v} ¢tis HG, EQ cotiné-
tibus angwlis vells G 1sé fub reitis HF,FE,
Simile alsquid in numeris videre oft:
Jicus enim vellangulum - coutincrur fub.
duabus lincis s2a fignrasws numerus rella-
guins comtincinr [ub numeris dwobns qwi
e s u o dmterfc muliiplicari pro.
42, . dscunt nemerum aptum
3 2T 0 i figmre. Sic numerus
= v v w  yollagulusz continesnr
L S & 4qwiinter femmt.
u'pli-
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tiplicatiefficiunt 12, numerum aptum figu-
re veclangula. .' )
11 Inomni parallelogrammo fpatio
vaum quodlibet eorum qu# circa dia-
, metrum funt parallelogrimorum cum
" duobus complemétis gnomé vocetur.
el E BVt in parallelo-
. grammo AB, pa-
X ralielogrammum
F N \ LM cum duobus
\\ M copleméis EM,
) LF,vocator gno-
A L D mon.liem paral-
lelogrammum FE cam duobusijfdem
complementis et gnomon. Solet au-
tem gnomon defignarilinea curua quae
tranfitper complementa & parallelo-
grammum intermedium, qualis eft

Hlk. ‘
“Propofitiones.
Propo.1. Theore. s,

Sifuerint due recte quarum alterafece-
tnr in quotcunyue [egnienta, rectan-
gulum fib duabis illis rectis conten-
s aquale erit omnibus imnl recta-

) gwiss.

\
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enlis,quifubinfecls & partibuslineq

Jeile contineniny.

A _ET_ B Sub redis
AB, AC conti-
neatur re@an-
| : ’ gulum AD, re-
C &ique ABvtcu-

que dlmfi m E & F, docantur FH &

EGipfi BD, parallelz; cruntque AG,
EH,FD,re@anguls; nam angulus EGH
1phi C bet 2qualis,8 omnesalios facile
et oftendere alicui re&to effe zquales,
Manifeftum eft etiam reGtangula par-
tialia AG, EH, FD, fimul fumpta toti
re&angulo ADefle zqualia:nam s om-
nes partes fimul fumpez toti funz.
uales. Et hoc tantum vule propofitio.
Nam AB,AC,(unt duz reét¢; quarum
AB,feCacft vtcunquein E & F: often-
fum eft autem re@angulum ADipfis
AB, ACcétentum, ¢quale effe re@an-
gulis partialibus quz continentue fub
infe&a AC & partibus linez fect¢ AB:
reCtanguli enim AG, continctur fub
infe@a AC & parte AE; reliquavero
EH, FD, contmcntur (ub EG FH(hoc,
elt,
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eft fub infe&a AC ipfis zquali) & reli-
quis partibus EF, FB. Stergo fuerint
duz reéte, -
Ldem wvidere st innumeris.Sienim détuy
duosumeri 4 ¢ 10,0 alter cornm puta
. 10 diwidatur inquotmis partes s, 3, 2, ex
mulsiplicatione spfius 4 in omnes parsess,
3:2, fient 40, ficus ex multiplicatione ¢suf-
dem 4 in tosum numerum 0.

Propo.:. Theore. a.

Sirella feclafit vtcumgue : reclanguls

" fub tota & quolibet fegmentoruns
comprebenfa, aqualiafunt ei, quoda
totafit,quadrate, :

A i E C ~ Re&angulum AB,
- (it quadracum reGz
" AC, re®ique AC vt~
eumque dwifd in E,
ducatur EF ipfi CB pa-
b F B tallela, & manifeftum
- oft,vt prius, reftan-
gula partialia AF,EB imul fumpta,toti
ABcefle zqualia. Nequealiud vult pro-
pofitio.Nam re&ta AC vtcunque fecta
c:ﬁin E; reftangula antem AF, EB,
: ) ‘ cone
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contenta fub ADEF (hoceft{ub tota
AC) & [ub partbus AE, EC zqualia
funt quadrato totius AC,quod et AB.
Siergo reéta&e.

In wxmeris: 10 disidatny induas paries
v & 3 ducendo 10in 7, €33 fiemt70. &
30,9n4 fimul aqualia, siit numere quadra-
80 ipfins 10 qus ¢St 100: dicimms enim nu-
mernm quadr atum qui fit ex dultn cainl~
wis numeri in feipfum. . :

Propof 3. Theore. ;.

Sirecla feciafit vicunque, reclangalum
JSub tota ¢ uno fegmentoram com-
prebenfum equale et slli quod fubfe-
gmensis comprcf:mdimr reclangulo -
vna cum quadrate, qisoddpredicio
[egmento deferibitnr.

A ¢ E Re&a AE vtéun-
- que feceturin C, fic-

?ueAB, quadratum

cglméti AC.;;:)&a;—

1 gulum vero cé-

F B D ?incatur fubtota AE

8 (ub AF hoc eft fub zquali AC; &

manifeftum eft veprins retangula AB,

CD .
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CD fimul fumpza,toti AD efle gqualia,
Nequealiud vulthzc propofitio.Nam -
re&a AE vtcunque feCtaeft in C, & re-
&angulum AD,fubtotaAE& AFhoc
eft fub parte AC, zquale elt ipli AB
quadrato partis AC vna cum rectan~
gulo CD, quod continctur fub CB
( hoceft fub parte AC) & fub reliqua
parte CE.Si ergo re@a &c.
In numeris i 6 dsuidasur in 4 €5 2, prodw-
- Elumex6ing heceff 24, equale eff ciguod
fitexqin 2 bocest8, vna cum guadrato

ipfiws 4 quodesi16. - .
- Propo. 4. Theore. 4.

Si recla feita fit vtcangue , quadrarum
quod atota defcribitur aqualeeft feg-
‘mentorum quadratis, wna cum re-
¢tangulo quod bis fuk fegmentis con-
tineiur, - o

Reétangulum AB fit quadratum ip- -
fius AC; dv&tique diametro DC, aga-
- tor EFipfi CB parallela, fecans diame-
trum vecunque in G, per quod idem
pun&um agatur H1ipfi AC parallela:
‘& manifeftum et veprius quadratum
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ABeotius AC, cffe zquale omnibus
fimul re@angulis intra fe defcriptis .

A E ¢ Neque aliod
| —7 vult propfitio.
G Namreta AC

H T {eGaeft vtcun-

quein E,& cius
quadratum AB .
- | equale eft ipfis

D ¥ B HEEI(quasit
quadrata fegmentorum AE,EC) (imul
cumre&tangulis AG, GB,qug funtre-
@angulum bis comprehéfum fub'pat-
tibus AE,EC, . . ,

Re&angulaautem HF,EI, efle quadra-
tapartium AE,EC (etfiex conftructio-
ne & definitione quadrati fatis poterat
coll:gi)i¢ demenftro. Quiare@z AE,
GH, DF iungunt paralielas zquales,
func s & ipfe interfc zquales.ltéfiab
‘zqualibus AC,BC auferantur zquales
EC,!C, qug remanent AE,BI& quz
huic pares funt GF,HD, omnes inter
feerunt zquales. omnia igitar latera
parallelogrammi HF, zqualia funt par-
i AE, {untque omnes anguli reti;nam

 quiaHDF reCtus ¢fk & rectus criam

“GFD
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GFD (cum fitequalis ipfi B)etif 6 op- 4 54
pofici reliqui erunt redi. £@t ergoHI
quadratum ipfius AE. Similiterque o~
ftendetur El eflc quadratum parus EC.
Etficdemonttrata elt tota propofitio.
In numeris ; Si 6 dinidarnr is 4 & 2; qlia-
dratum ipfins 6 quod ¢ff 36 2quale ¢ qua-
draiis partium g & 1 boc eft16 7 4, vna
cum numero B bis repetizo qui fitex partis
bus 2 & g inmter fe multiplicaris.

Propo. 5. Theor..

Sivella feceturin aqualia ¢ non equd-
bia: velamgulum fub inequalsbusfé-
guietis votius compreben(um, vna cii
quadraso fesmenti intermedif,aquale |
eff ¢i, quod a dimidia deferibisar,
quadrato. '

; Reba
A a DR, g pifa

N o riamin C,

L ™M H & nonbi-

/s K faridin D

e dividatar;

v F K E & fuper
dimidia CB fiat quadrata CE dudldq; -

diame-
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» diametro

A c Db FBagatur
M T &aDkip»

L / P/ ABE pa-
£ rallela, fe-

F K E ~ cans dia-
metriiin G,per quod pun&iagatur LH
ipfi AB parallela,& adiagaturredta AL
ipfi BH parallela. Quo fadto erit refta-
gulum AG fub ingqualibus fegmentis
AD,DB,hoceft DG,contentum, vna
“cum MK quadrato medij fegméti CD,
zquale qnadrato dimidig CB, quod elt
CE.Namreétangnlum AM zqualecft
ipi DE.cum virumqueipi CH4 (it =-
quale; czteraautem nimirum CG &
MK funt communia. Quare firedta
&ec.

Innumeris: Digidatuy numerns 10 aqua-
lirerin 5 & s, insqualiter in 7 39 3; ita vt
nnmerus medius inter [elliones fit 2: quo
dimidins numerns fuperat 3 partem mine -
ve ex inaqualibusieritg, numerus 20 ex in
3 vnacum quadrato numeri intermedsj 2
gued eft 4, aqualé quadraso dimidij 5,

Corol-

fen 25,
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’ "C,'orrollarium, o

€ bis manifestum off gnomsonem NOP

toti refangulo AG cffe aqmalem; quando-

quidems C f commune, & DE religno
re&angulo AMfiregmale .

. Propofitia 6. . Theore. s. .

Sirectabifariam fecesur esquein rectums

guadamreila adifciatur, erit redla-

guliifubrosa cié adieita, ¢ fwbadiells

contentis, una ok quadrato dimidies

#quale ¢s, quod & dimidin cum parse

adsecia fit, quadyato. .

A ¢ B D Re@ta AB

a _ 51 bifariam fece-

N '\ u turin C cique

M in reGum ad~

X L _ ’I ijciatur B D:

R TTGU R @ CD 6
quadratum & CF & per B agatyr BG pa-
pallelaipfi DF, fumptique I'H zquali

ipfi DB agatir per H re@a HK 1pf AD*

parallela & zqnalis, iungaturque reda
ki quo fa&o demonfirasur propo?
. ~ ficio

!

_indeloper re- .

-

. ‘“446. 1.
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fitio. Nam quia retangula AL, CM,
funt ¢qualia propter # zquales ba-
fes , & eidem CM =quale eft
alterum complementum (MF, erite-
tiam MF zquale ipfi AL & additis ¢5-
munibus CM,BH,gnomon NOP teti
re¢angulo AH zqualis fiet(quod fané
re@angulum continstur fub tota com-
pofita AD & parteadie&ta DBcui DH
zqualis fumptaeft)fed gnomon NOP
adie®o LG quadrato partis dimidiz
CB,vt {uprain fimilid otendimus,fit ¢-
qualis quadrate ipfius ; CD, quz eft
pats dimidia cum adieta BD. Igitur
parallelogtimum AH adiecto codem
quadrato LG fiete zquale cidem qua-
drato CF, quod erat probandum.

In numeris : [i 6 dinidasur equaliter
in3 & 3, cique addawr 25 numerss 16
(qmi fit ex toto 6 cums adiclo, in ipfwm
adicllum ) vna cum guadrato dimidij ,
guod et 9 agualis eff quadrato ipfins 5 qui
numerus componisnr ex dimidio 3 & ad-
icéto 2.

%

. Pro-
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Propof.7. Theore. 7.

8i vecia vicunque fecetur, quadratatos

tius & virinfuisfegmess fimulfump-

ta, paria funt reclangulo bisfumpta

- fubtetacs diclo fegmiento, vna cum

adiuncio alterins fegmenti quadyata.”

Re&a AB fe&:fit

A L 2 vtcunque n C & fu-
: per AB, fiat quadra«
K H M tum AE,ducanturg;
"  CL.kM; vtin fupe-
‘ riori propofitiones
LI |E fumpid deinde L F
. L] ¢qualiipfi CB,adda-
‘ F G turquadratum LG.
Erunt igitur quadratum totius AB,
quodeft AE fimul cum quadrato feg-
menti CB, quodelt LG, zqualiasre.
&angulis AM,MF( que (umuntur fub
tota AB & fegmento BC, cum BM fie
ipfi BC zqualis, & in re@angule MF
squalialaterafint MG, GF, ipfis AB,
BC) vna cum quadrato alterius fegmé-
tiAC quod eft kL. Siigitur reta &ec.
Innumeris: fi 6 vicangue dinidatur in

4 & 2 quadragnm 101ins 6 vna cum qua-
Fa drase

4 13 Mx.
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drato ipfins iy, cqualiafuns nwmero 52 dus:
fit ex nwmero 6 bisin g vnacam guadrase
alscrins partisz gmod eft 4.
Propo:8. Theore. 8.
§i recia fecetur vicunguesrectangulums.
guater  comprebenfum fib tota &
\ wmofegmentorum;und cum alserius
partis 3u_admta, equaliafunt quadra.
togued fit dtota ¢ fegmento , tan-
guiaim abuna lines..
€ B p Refa ABwt
p | cunque fecetar
Py in Ccuiadiicias
/ R\ Ctur in re@um
O N/ MBDipfi B Cz-
. qualis,ac fuper

D

1'4
|

Qr tota AB& ad-
f =L 2 jun&o {egmen-
E HGPF to BD =zquali

| iiaﬁ BC fiat tanquam fupervnalinea
quadraram AF,ducanturque BG, CH,
Ik, LM, lateribus quadrati AF paralle-
le:fic ve DK KM ipfis BD, BC fing2-
aualesi Erunt fancinghomd OPQlre-
angala quatuor contenta fub reﬁ{.{;
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AB& BC.Nam circa R conftitutafunt
quadrata quatuor, quorum latera om-
niaipli BC funt gqualia; frigicur vai-
cuique éx'quatuor complementis AS,
& limilibus, adiiciatur fuum quadrati,
inuenientur in gnomone O P-Q qua’
tuorve dixire@angulagqualiaipti AR,
quod continetur fub AB, BR hoc et
BC.Eftvero gnomon OPQ_feb quar
tuor rectangula fubtota AB& fegmé-
€0 BC cum adiun&o EN quadraroal-
-terius 'part’is AC, szqualis quadrato 4 gy, g,
AF, quod fit luper AD. Siiguenrre&ta =~ *
" In wumeris i G vicunque feceswr in 4
& 1.dvicendo ghater numerwm 6 in 4 &
addendo quadyarsm ipfins 3, fies numerses
#qualis quadrato ipfius 10 qui nemerng
componitnr cxtot06 & parieq.
Propofitio p. Theore. 9.
Sireciafecesur per aqualia trmon equs:
- diay Zaﬁmﬂ partium iwequalium.
Adupla fint 'Zuadratmm ab vnodi-
midio, & ab ea linea qua fectionibm
interijcitee, deferiprorym .
g .; s ."‘»..Fs‘ . Rc&%‘
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B Re@a AB fece-
' “tur 2qualiter in
F C.ingqualiter in
D; fuper qo3 ad
\, C erigatur CE

A ¢ "B perpendicularis,

& ipfi CAvel CBequalis, duciturque
AE,B,itéq; DFipfi CE,& FGipfi CD

arallela,ac denique itgaturreta AF,
gam vero quiaintriangulo ACElatera
CA CE zqualia funt: anguhis CAE
AEC pares erunt: et autem angulus
ECA vectus: duo ergo alij funt femice- -
&i. Similiterque in triangnlo ECB an-
guli CBE, BEC, femire@i funt: totus
ergoangulus AEB reus eft. Cumqne
intriangulo EGF, angulus G refus fic
& GEF femite&tus, erit etiam angulus
GFE femire&us. Quarelatera GE,GF,
& zquales angulos fubtendentia, funt ¢-
qualia. £qualis etii vtriquecelt reta

- €D, cum CFfit iaullelogrammnm:

Quare fiab zqualibus CE CB auferan-
tur zqualia GE,CD,re&a CG, hoceft -

DF,ipfi DB erit zqualis.
Hisintelle@is fic breuiter colligitur
propofitio,Quadrata partium inz?ua-
um
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lium AD,& DF fiue DB, 4 zquiualent ¢ 47, u
quadratoipfius AF, & hoc quadratum
ex AF zquiualetijs quz fiuntab AE,
EF:Sed harii quadrata dupla funt qua-
dratis reGarum AC dimidiz, & CD
partis fe@ionibus interieéta;cum enim
AC, CEfintpares, & AE det quadra- .
tum veriufque quadratis zquale, effi-
ciet duplum quadratoipfius AC; fimi-
literque EF dabit duplum quadrati ip-
fins G Ffeu CD. Quare quadratum ip-
fius AF, & partium inzqualium AD &
DF, hoc et DB dupli funt quadratori
ex AC CD;partis{cilicet dimidig & li-
nez fe&ionibus interiett, Siigitur re-
&ta &ec. ' '
Innumeris: Wumerus 10 dinsdatur 4= ~
Yualiterins € 5iingqualiteriny @ 3, fit-
gueintermedia [e&tioz, vt prop.s.Quadrata
10049 & 9 pattium ingqualiumz & 3,
Junt duplum, quadratorums pareisdimidie
§ & fectionisintermedia 2.

)
X m /
ey

F 'S Pro-
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- - Propofitio 7. ~ Theore. 10.

Si récta feceswr bifariam ¢ in reGlums
v alia adisciatur , quadratum quodfis
« totacum adiecla, fimnlcumeo guod
fit a fols adiiicia, duplam fant qua-
dratiquodfit a dimidia, ¢ alierius
zwd a dtrmdu é' dmnﬁa deﬁz
ituer.

Re@a AB, bifariam feceturin'C,ad-
ie®aBD, cui ad C erigatur perpendic
culans CE,dimidi¢ AC zqualis, perfi-
ciaturque parallelogrammum ED, du-
&aque EB, occurrat Jateri FD produ-
&o1nG,unganturque AG, AE ,eritq;.
angulus # AEB conitans duobus femi-

reétis, vtin fimili okenfum et prop.

prox. Quare & angulos EBC femire-
&us eft:femiredtus # quoque DBG op-.
poftus adverticem, quare & DGB fe-.
mireétus erit,& laterac BD,DG zqua-
lia. £qualiaitem etuntlatcra FG, FE,
quia anguli ad bafim EG funt pares.
His pofitis quadratum dex AE erit du-
plum quadrato dimidig AC, & qua-
<dratum ¢x GE, duplum quadratiex EF
o " hos
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hoc ¢t ex dimidia CB cum adiundd
BD. Scd & 1pf usAG quadr.tum &qui=
-valetqoa-

‘ dratisdua.

E F rom AE,

N 1l EG; &
, ' quadratd
C D ex tota A

B cumad.
“ii&a BD
G yna com
- quadrate.
ex DG, fen adiun&a BD ¢quinalet qua-
dratoex AG . Quare harum linearum.
AB,BD quadrataduplom quoque fune
quadratorum ex AC& CD Si ngltur
recta &e.
. In numeris: Dnndatur [ ¢quahm'in
; €4 3, e3g; addutir 2,vt fit numerus com-.
pofi itus8; quadrata igitur ipfins 8 & adie-
iz, duplum funt guadratorsm dimidi3,
& wwmeris quiconfias dimidio ¢r adictlo.

' ¢¢¢¢¢a¢¢¢¢¢¢¢¢
%3 ¥ XXR

% )
'&'*?"'3' @%—&Mﬁfl R ¥

‘Propf_ '
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Propo. i1, Proble, 1,

Datam reclamitafecare, vt rellangu-

um fubtota ¢ alterofegmentorum,

wquale (it quadrate quod s a reliqua
parte, )

c B . ~ Sit data
rea AB

P |- C__H jia (ecanda

: vt re@igu-
lum {ub to-
: ta & fcﬁ-

D E A I mento al-
tero,equalefitquadrato partis alterius,

* Fiatigitur fuper AB quadratum AC,

divifoque latere AD bifariam in E du-
catur EB cui ¢qualis fiat EI latere DA

roducto:fatinfuper quadratum {uper
Al quodfit GI producolatere HG in
F:eritquereéta AB diuifa vt oportuit;
fiquidem re&angulum CG fub tota
CBfen AB,& fegmento BG gqualectt
quadrato GIquod fitd fegmento alte-
ro GA: quiaenim DA fe&a eft bifarig
inE, ciquein re&tum additaeft AT erie

se@angulum s fub DI, Al, hoc eft ip-
fum
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fum DH vna cum quadratodimidiz

EA zqualequadrato ipfius EI, {euEB.
Eftvero quadratum ipfius EB s zquale ¢ 47.%
quadratis ipfarum AB AE. Vnde re-
&tangulum DH cum quadrato ex AE

« erit etiam gquale quadratis earundem

AB & AE.Ablatoigitur communi qua-

drato ipfius AE erit re¢tangulum DH
zqualequadrato ipfius AB quod eft ’

ACG; & rurfus ablatoabhoc quadrato

& rectanguloDH,communi rectangu-

lo AF, re&angulum CG relitum ex
quadrato , zquale erit quadrato Gl

quod reliquum eftexre@angulo, Da-

tam igitur re¢tam ita fecuimus ve recta-

gulum CG fubtota AB & altero feg- . -
mento BG, quadrato partis alterius.

G A effer 2quale,quod erat faciendum,

Propofitiozs. Theore. 11.

Intriangulo obtufangulo quadratumls-
teris angulum obtufum [ubtendentis
tanto maius el quadratis laterum

- eundem angulum continentinm yni-
tum eft rectangulum bis comprehen-
Sum [ubuno latere somtinente, & fub
binea
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" limeaextrinfecns affumpta ad cuins
extremsum cadit pespendicwlaris du-
€2 &b altero angulorams acutorsm.
A, In triangulo
ABC angulus
ACB Gt obtu-
{us, produ&og;
latere BC, ex A
. demittatur AD
B C D perpendicularis’
' ' "~ 1pl'B.C, cadens
in D:Dicoigitur quadratum laceris AB:

.gbtufo'angule fubteufi tanto efle mas

jus quadratis lateram " continentium
BC,CA, quantum eft re@angulum big
comptehenfum fub BC & re@a CD’
excrinfecus fumpta,ad cuius extremum
exacuto angulo A cadit perpendicu-
laris AD, Quiaenim reta BD fe&a et
vtcunque in C erit4 quadraturh ex BD'
zquale quadratisex BC CD, & infuper
re@angulo bis fubBC,CD comprehé-
fo: additoque vtrifque quadrato re-
@g¢AD ecrunt quadrata iplarum BD,
D A ¢qualia quadratis trium re&arum-
BC,CD, DA, vnacum addito rectan-
: o ' gule.



| me 3

gulob:s fub BC, CD, contento. Sed 4, &
quadratum re&z ABézquivalet qua-
dratisteGtarum AD,.-DB. Igitur idem
quadratum reétz AB zqiiuales etiam
tribus quadratis- re@arum BC, CD,
DA, & reangulo bis fub BC, €D ¢6-
tento. Jam vero quia quadratum re&z
ACzquale eft quadtatis ipfaram CD
DA, eritquadratum te&zx AB zquale
quadratis te¢tarum CB, CA & reftan-
gulo bis contento fub BC CD. Intrii-
gulo igitur obtufangulo &c.

. Hac & {eqamu prop. ad cas propartn-
mesextenditnr , gna numeris expriminon

poﬂiu:
Propo I; Theore. iz. .

In mmgults amnn‘guln quadramm 14-.
texisacwtp angulp fubten(s tanto wi-
vus off quadratis laterum continen-;
tinm exndem angulum, memm .
ﬂﬂangulnm bis comprehenfum fub,
“wmo laterum continentinm & fub:
afiumpsa interius lmea prope acutum.

mgidum ad cuins extrerium cadif.
fer-
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perpedicularis aboppofito anguls ducta.

. In triangulo

A ABC angulus
C fit acutus,
ducaturque ex
A re&a AD
| perpédicularis
B D C ipfiBC. Dico
igitur- quadra-

tumipfius AB angulum C (ubtenden-
tis, tanto minus efle quadratis ex BC,
CA:quantum eft reGtangulum fub BC
DC bis contentum . Quja enim redta
BC vtcunque fecta eft in D quadrata
ex BC,CD paria funt re@igulo bis fub
BC, CD, vnacum # duobus quadratis
exB D D C; (ed duobus quadratis re-
&Gatum CD, DA par elt squadratum
ex CA:duo igitur quadrataex BC,CA,
pariafunt etiam rectangulo bis com-
prehenfe fub BD, DC & duabus qua-
dratis ex BD, DA. lamvero quia qua-
dratisex BD DA, zqualeefte quod fit
ex AB;eriit quadrataex BC,CA, ¢qona-
liare&angulo bis contento fub BC,
DC & quadrato re@x AB. Quare qua-

dra-
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dratum ex AB tanto minus eft quadra-
tisex.BC, CA, quantum eft rectangu.
lum bis fub BDD C contentum;In tia-
gulis igitur &ec.

Propo. 14, Proble.z.

Dato rectilineo aquale quadratum de-
Sersbere. - <

H
B ‘F ]

it

> E

Sitdatum reilinénm A cui fat s2-

quale parallelogrammum BE; inquo
filateraB C, CE funt ¢qualia, ipfum
erit quadratum quale petebatur.
Quod fi latera non funt zqualiaalter-
utrum puta BC producatur in F,fic
vt CFipfi CE zqualis fit,le&iqne bi-

fariam re&i BFinG, centro G, fpatio

GB fiat femicirculus BHF, protracto

latere EC vique dum fecet circulumin -

H:eritque quadratymipfius CH,gqua-
le

4 45

%



b3

#3710

80  LIBER IL

le daro reilineo ' A. Dudi enim rectd
GH, quia re&ta BF bifariam feGaeftid
G & non bifariam in C,crit re@anguld
fub BC CF,hoceft é re@angulum BE,
cum quadrato ipfius GC ¢quale qua-
dratoex GF vel GH, qua funt linez &-
quales. At quadrataex GC ¢ CH valent
quadratum ipfius G'H; eadem ergo

. quadrata exGC, CHvalent re@angu-

lum BE cum-quadraco ipfius G C: reli-

"&o ergo commoni quadrato ret¢ GG,

quadratamipfius CH valebit te@ans
gulum BE quod abinitio fa&um eft 2~
quale re@ilined A. Quadratum ergo
ipfus CA, zquale erit re@ilinco A.Fa~
&oigitur quadrato fuper CH, contti~
tuertmus quadratum datoreilineo 2+
quale, quod erat faciendum.
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Definitiones.

1 Aqualescirculi funt quorum dia~
. metri vel & centris lineg ad ambitum
duéle, [unt zquales.

A_C€ B : LineareQacis-
culum tangere di-
citurquz cum tan-

- gat, produdta lon-
gius circulom non

D {ecat. Talis efl linea

' E 4B gwe cam sangat

circulum CDEin punilo C, produtla lo-

gius ewm non fecat.

3 Circulife tangere dicuntur quicit

fe tangant, {e tamen mutuo non fecat..

Tales funt cirenli CDE, CFG. :

4 Incitculo zqualiter diftare 4 cen-
G tro
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A ¢ trore&zlincez dicun.
tur cum perpendicu-
lares i centro ad ipfas
G.dué&z (unt ¢quales,zs
linee AB,Cl,equaliter
B diftat & centro D, quin
pevpendiculares . D E,
DF,acétro D adipfas duila, funt aqualcs.
Segmentum circuli eft figura quz
fub re®a linea & circuli circumferen-
tia continetur. Tals et figura contenta
reflan A B & sircumferentia ‘BC.
6 Segmenti angulus
: et quirectalinea & cic-
P — cul?periphcria contine=
A B .
tar, Tales funs angwli
Ag B, ’ -

B 7 Infegmento au-
tem angulus eft cum
in fegmenti circum-

A ferentia fumptii fue-
~ € - rit pun&um quod-
piam;"& abillo ad linex terminos re~
& fucrintadiun&z. Sic anguins ABC

eitin fegmento CBA.
8 Cum vero comprehendentes an-
gulum datz linez aflumunt periphe.
: riam
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A’ siam, illi iph af+
fumpta periphe>

riz angulus indi-

B citur fftere. ¢

angulus D.AB di-

cituy mmfiSiere cir~

cusuferétia DCB.

S 9 Secétor autem

2 circulieft cum ad

iplum circuli cé-
D tri angulus fue-
riccofticutus.ve fi

L ad centrnm A fis
' . conflitutus angulns
BAC,figwra BACD diceturfellor circuls,
10 Similiacirculifegmenta funt qua
angulos capiunt zquales;autin quibus
anguli funtzquales. -

-~ Propofitiones.

Propofitio 1.  Proble. .
Daticircali centrwm reperire.

In circulo A B C ducatur 1e&aAC
vtcunque, qui bife@iin & D, peridem *
puntum_D agatur perpendignlaris .
BG attingens vtrimqueambituth. Di- ¢ - 1 &
uidatur cdeindere@ta BG bifariaminE _ |, .

G2 erit-

10. L
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eritque pun&tum E
centri circuli. Non
enim eritaliud pun-
&nm in ipla BG,
cum centrum non
poﬁit in vlla linea
effenifi vbi fecatur
bifariam.Sed neque
extra te&tam BG. Fac enim effe in F du-
cnaturque FA,FD,FC;probabitur fane
angulum FD A effe re@um;nam in triz-
gulo ADF, CDF latera AD, DFfunt
zqualia lateribus DF, DC & bafis AF,

" bafi FC, cum vtraque ducatur ex cen-

tro Fad ambitum. Eruntd ergo anguoli
FD C,FDA zquales, & proinde recti.
Hoc autem eflenon potelt; namangu-
lus EDA re&us eft. Maiort lglt\lt recto
etFDA. Noneft 1g1tuchcncrum fed
neque alind pun@um extrare¢ti BG:
Datiergo circuli ceutrumeft E.

Propofitio 2. Theore. 1.

Siin circuli ambitu duo puncta fuman-
tur, reita ad illa puniia ducla intra
cir®Wum cadet.

Sumantur pun&a A & B, & ex 4 cen-
' to
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cro inuento C ducanturre&tz CA,CB,
CD, Dico puné&tum D & quodlibet a-
lind re¢tz AB cadere intra circulum.
Quia enim CA CB pares {unt, parese-
runt angulié A& B eritque angulus® s *
CDB maior oppofito interno A; qua-
re (maior eti angulo B;latus agitur CB e 6.1
fubtendens 4 angulum maiorem CDB, 4 1. I
maius eft latere CD fubtendente mino-
rem angulum B, Latus tamen CB ti-
tum pertingit ad ambitum, quare CB.
quodeft minus, ad
ambitum non pet-
_ tinget.Non eftigi-
1 tur punétum D ex-
Yp tracirculum;quod
A NS idem oﬁédct?u: de
quovuis alioinre®a AB , fi ergoin cirt-
~culi ambitu &c.

Propo.3. Theore.2.

83 in circulo reclaper centrum ducla -
Liam non duilam per centrum fecet
bifariam, fecabit quogue ad angulos
vectos. Etfi ad reﬁo;/gwt » Jecabit bi-

fariam. L -
Refta AB per centrum Edu&a, fe-
Gz cet
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A cet CD bifariam:
] - in F, ducantur ¢
centro re¢tz EC,
ED. Quia ergo
CE, CF, zqua-
1, lia funt lateribus
P communis, erunt
aanguli EFD,EFC zquales, ac proinde

. Quod fianguli ad Fre&i fint; cum
latera EC,ED trianguli ECD pariafint,
erunt in triangulis EFC, EFD duo an,
guli C & EFCduebus D & EFD ¢qua-

* lIes, & latera EC,ED angulis o'ppofi-

ta funt ¢qualia: zqualis ergo et bafis
FC bafiFD.Siigiturin circulo &c.
Propofi. 4. Proble. 3.
Si in civculo recle fé fecent non percen-
trum ambe ducle , nonfecabunt [¢
- mutwo bifariem.

Sienim per centrum tranfit vna,cer-
tum eft eam bifariam non fecari, cum
non nifi in centro poflic fecari bifarii,
& alteraex hypothefi per centrum non
tranfeat. Quod fi nentratranfic per cé-

trum
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trum, vtinredis AB, CD, intra circu-
lum ADB du@i i centtoEte@AEF, A
vti tnvis,in pun&o F fecantuc ABCD

. bifariam erit an-

gulus EFC rectus,
cum # ajtera per

C
k o centrum ducta fe-

B cansalteram extra
‘ / , centrum bifariam,

’ D fecetadreos:{ed
ob eandem causam angulus EFBreétus
~ erit:paresergo effentanguli EFB,EFC,

pars & totum, quod fierinequit,
Propo.§5. Theore. 4.

Siduo circuls ¢ mutwo fecent won habe.
| bunt idem centrum.

A Cirtculori ABC

ADC fe mutuo in A
& B fecantium fitidé
\ centrum E fi fieri po-

B
feGionem, & ED fe-

cansvtcunque vtrumque circulum in
pictis D &B.Quiaigitur circuli AD G
cétrum ponitur E,erunt EA, ED ¢qua-
G« leg

A tet; ducanturq; EA

A centro ad alterutrs:
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les, & quia circuli ABC idem centrum
ponitur E, erunt EBEA ¢quales; ergo
& inter fe efsét gquales ED,EB pars &
totum, quod cflenequit. Si ergo duo
circuli &¢.

Propofitio 6. Theoze.5 .

Si duo civeuli interiusfétangant , non ¢-
vit eorum idem centrum.

Nam fi duo cir-
culi fe interius tan-
gantin A & puten-
tur habere idem cé-
trum E,dullis reQis
E A, & alia vtcung;
EBad circulum AB,
‘ oftendetur vt fupra
ED &EB, partem fcilicet & totum, =~
quales effeipli EA: quodabfurdum eft.
Si duo ergo circuli &¢.

Propo. 7. Theor.s.
Indiametro circuli [ alind & centro pis-

Cium accipiatur,d quo recleplures in

circumferemtiam cadantsmaxima c-

riteaque per centrum ducitur; mini-

ma reliquum eiufdem linee: aliarum
vere maioreft ca que tranfeunts per
cen.
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. entrum eft propior, nequeplures qui
due equales duci poffunt incirculum
ad virafquc paries ipfins minime.

Indiametro AB
fumatur pun&um

G
. ‘\ C aliud 4 centro
x X D, ducantusq; vt-

7 ciq;re®z CA CE,
\E> e

CF, CG. Dicoma-

) ximam earum cffe
CA queg tranfit per centri D, Dudise-
nir rectis DE, DF, DG quia trianguli
GDCliduo lateraGD DC, quibus¢qua-
liseft AC,maiora erunt 4 reliquo GC.
Major ergo eft AC quam GC;eodemg;
modo quibulfuisalijs ex C dudis ofté-
detur effemaior.
2 Deinde quia latera EC,ED,maiora
funt reliquo ED cui 2qualis ¢t BD, fi
commune auferatur CD, latus CE ma-~
ius remanebit qudm BC, & pari ratio-
ne oftendetur BC reliquis ex C cffe
minorem.

Rurf{um quia in triangulis GD C,
FDC, duolateraGD,DC,duobus DF,
DCparia funt, & angulus GDC ma-

ior

4 10, L
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A .
iorquam FDC,erit
] baﬁqs 6 GC, quz
D propior et ipfi
3 ' CA, maior remo-
, tiore CF.
B < .4 Deniquefi an-
B gulo EDB zqualis

ponatuc BDH ducaturque CH,in trij-
gulisEDC, HDC erunt bafes CE CH
aquales, camanguli CDE, CDH, &
laterae continentiafint gqualia. Neque
vero plures poffunt duci ad partes mi-
nimz BC ¢quales prioribus. Sienim
cadant intra punta EH, remotiores
runt 4 re@a CA, ac proinde minores
iplis CE CH.Siautem ducantur extra
pun&ta EH: erunt propiores ipi CA

. ‘acproinde maiores, Si igiturin diame-

tro &c.

Propo. 8. Theore. 7

Siextra circulum fumatur punitum
guodpians, a g0 ad circulums ducan-
tir reCia quedam linea, quaram vna

percentrumiranfeat, catere vt lubet
. . ducan-
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ducastur, reclarum que ducuntur
ad cauam pm'p/aeriam maxima erss
quapercentrum ducitur,¢r que buic
propinquior, maior eff remotiore. Ex -
traciveulii vero minima que ab af-
 siapto piitle ad diametrii tedit, & que
buic propior; miner eff remotiore, ¢
duc tantum linee aquales cadunt ab
ab eo punclo in cirenlum ad partes
minime velmaxime. ‘

B Extra circullt
 ABCD fuma-
tur pun&umE,
aquo ducantur
quotuis re&z ,
quari vna EA
per centrum F o
trahfeat, cgterg
vero EB &c.
vilubet cadant
in circulum.Di.
co I. retarum
quz ducuntur
ad cencauti cit-
culi, maximam
eflg
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effe EA qua tranfit centrum F. b,
enim ¢ centro reéa FB, trianguli EFB
duo latera EF, FB zqualia ipfi 4EA,
maiora erunt latere EB, & fic de reli-
quis' ‘ / .

2 Maior et etiam EB quz proptor
eftip(i EA quam EC autalia remotior.
Nam quia trianguli EFB latera EF FB
zqualia funt lateribus EF, FC, trian-
guliEFC, & angulus EFB malor quam
EFC, maior berit balis BE, quam CE.
3 Duciste&is FH, FI,FK, quia trii-
guli EHF maiora funt duo«¢latera, FH
HE reliquo EF,6 anferantur zquaslia
FG F,maior manebit EH extra circu-
lum, & reliquz EIEK, quam.GtEG.
Minimaeft ergo EG, quz ad diametrii
G A ducitur.

4 Quiaintratriangulum EIF ducun-
turre@z EH, HE erunt hxz 4 minores
ipfis ELIF, ablatis ergo zqualibus HF,
IF adhuc minor remanebit EH, quam
El, & ob eandem cauffam minor eft
EIquim Ek, quare minor cft femper,

‘quz minimz clt propior.
s Denique angulo HFG, fi 2qualis

fiat GFL, ducaturque LE; quiatrian-
gula
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gula EHF, ELF latus habent commu-
ncEF, &alterum HF alteri LF zquale,
& parem angulum contentum lateri-
bus, eruntbafes cEL EH zquales. Ne-
que plures his duabus zquales duci
poflunt exvitraque parte minimz EF:
nam aut propiores Tront aut remo-
tiores d minima EF, quam fint EJ, EE,
quare his aut minores eérunt aut maio-
res. Siergo extra circulum &c.

Propofitio 9. Theore. 8.

Siab aliqw tntya ciculum punile pla-
resquam dueredie aqualesad ambi-

LI O S

tum ducantur, idpuniium centram

est ctrenls,

Expuncto A in-
tra circulum BCD
prater reCtas AB,

\ AC,¢quales, fitiif-
: : dem zqualis AD,
c<E D dd&itq; re&is BC,

CD, diuififquebi-
fariam in F & F,ducantnrad ambitum
reGtz AE AF. Quiaergo triangulorum
ABF AFC latera duo funt zqualia e
18414
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runt angulisad F zquales & re&i, re
Gusitem ad E. Qnia ergo AF re&tam
BC diunidit bifariam ad reGos, in eaeflt
centrum circuli, & ob eandem caufam
elletiaminre@a EA centrum circuli:
Non poteftergo centrum aliud effe
quam A, quia folum pup&tum A eftv-
trique AF & AE commune. Siigi«

_tur &ec.

Propo. 10, Theore. 9.
Circulus civculum in pluribus qud dus-
buspundlis non  fecat.

A . Sccent fe G
fierijpoteft, cir-
culi in ctribus
pun&is A,B, G,
centroque cir-
culi ABC inué-
< tosquod fic D
ducantur retz D A, DB, DC:que quia
zquales funt, & attingunt etiam ambi-
tum circuli ABE, fequituré punétum
D efle etid cétrum circali ¢ ABE,quod
abfurdum eft. Non ergo fecabunt (e
circuli in eribus pun@&is,

Pro-
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* Propofitio 11. Theore. 0.

Siduo circulife imterins contingant recie
consungens eorum centra prodwila

_ incidet in contactum circulorum.
A Circuli ABC,
A DE interius inA

fetangant: dico re-
&am quz ducitue

_ qualis eft FA, cade-
reip contaltum A,
Nam fi fieri poteft,
re&ta coniungens centra fit IBK, inqua
centrum cirenli’ABC fit [, & alterius
H, iunganturque re&¢ AH, AL Quia
ergo AH, HI reliquo latere Al4tunt
maiora, & proinde maiora quim IB
quz cx codem centro ducitur, fianfe-
ratur communis HImanebic AH ma-
forquim BH. E{t ergo HD maioripsi
HB, parstoto ; quod abfurdum eft.
Eadem demonftratio procedet etiamfi
centrutm circuli maioris extra mino-
rem cadat.

3%

Pro-

per centra F& G

a 20,
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Propofitiorz. Theore. 1.

Si'duo circuli fefe exterius contingant,
linea recia centra coninngensper co-
tactumtranfibis.

SireQacs-

iungens cen-
'tra circulori
ABC, BDE
fe tangétium
exterius in B non tranfit per contaGtum
B, fed alibifecetin pun&is C & D, iii-
gens centraF & G; ducantur reétx BF
BG, eruntqueduo latera FB, BG ma-
iorasreliquo FG.Sed funtetiam mino-
ra,nam FC ipfi FB ¢qualiseft,ex codem
centro F,fimiliterque G D ipfi GB etit
zqualis. Superatergo latusFG reliqua
duo latera [egméto CDqued eft abfur-

“dum. Re&a igitur FG neniungit cen-

tra, &nullaiunger, nifi qua tranfbic
pet contactum B.
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Propo. 13. Theore. 12
Circulus circalum non tangit in pluri-
bus piiciisfine intws tangat,fiue extrs.

B Nam fi circus
lum ABCD ti-
gatcirculus AE
CF interius in

A ] c
duobus punéis
A & C erunt di-
’ uerfa « circulo-

D rum centra, €a-

que in re€ta AC tranfeunte per conta. 5 1. &

&us . Sit ergo G centrum ipfius ABC,
& Hipfius AEC. Tunc autem quia in
recta AC ponitur c€trum circuli ABC’

efleG,eflct cre@a AC bifariam diuifa ¢ # »

in G, & quia alterius circuli centrum
eft H, etiam in H effet diuifa bifariam;
quod fieri nequit. =
Sed ne-
que exte~
riuscirculi
fe in plu-
ribus pun-
.. ‘ &is tagée:
Sienim in pundis B & C fe tangunt
H du&la

!

6%

s
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ducti re®i AD per centraA & I nee-
non per contattum C, itemque du&is
‘ AB,BD adalterum contadtum B, pro-

#n.;  bareturve fup.sprop. latera AB BD,&
' maiora & ¢qualia cile laten AD..

PropoC i¢. .Theore. 13.

In ctrwla equales recie linee équal:ter
acentro diftant & que diftant acen-
tre aqualiter inter[e, funt equales.

In circulo ABC
fint pares redz
AD, BC, & ex cé-
tro E agantur EF,

- EGad rettos iphis
\ AD, BC, ideoque
a5 3 b C afecites bifatiam,
iunganturque E A,E B. Quia ergo an-

b47,0  guliad F& G funtredti, quadratum ex
EA zquale et 4 quadratis laterum AF,

EF: & fimiliter quadratum ex EB duo-

bus quadratis ex EG, GB. Nunc quia

. quadrata re&arum zqualium EA, EB

funt zquala,eriit etiam quadratadao

reCtarum EF, FA, zqualia duobus ex

EG, GB, & ablaus quadratis reGacum

¢qua-
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- @qualium FA, GB, manebunt quadra-
tareGarum EFEG. ¢qualia, quareEG
EF funt zquales,acproinde AD BC z-
qualiter d centro diftant, ‘

E conuerfoautem fi pofitum fit re-
&as AD, BC diftare zqualiterd centro
E, oftendetur ex fuperiori demonftra-
tione ablatis quadratis retarum EF,
EG zqualium, quadrata reliquarum
FA, GB manere ¢qualia; proinde & ip-
fas efle ¢quales.

Propof. 15. Theore. 14.

Incircaly maxima eft diameter , ¢ ce-
terarum ea femper masor, que centro

eff propior.

Per centrom A

D du@i diametro

[ =X f.' FG, ducatur Hk
K

propior cétro qud
v CD.,ad quas per-
_ pendicularibus «&
centrodu&is AL,

AM, ex AL, quz snecelfario maiore- ¢ *+ 4 *
rit, fumator, AN zqualisipfi AM, &

per N agatur BE ad reGosipfi AL,iun-
H2  gan.

0

Sy
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ganturque re&z AB, AC, AD, AE.
Nunc vero qwa BE HK zqualiter 3
centro diftantes funtgquales, # & in
trigulo ABE duo laterac AB AE ¢qua-
c : lia diametro FG,
2 N\g Dron [pn; qua
SI\[Z—"\gq BE; erit cadem
f{ diameter FG ma-
iorquam BE, wvel
HK, aut quzuis

“alia.

2 Rurfus quia duo latera A B, A E,
duobus lateribus AC, AD funt paria,

- &angulus B AE maior ipfo CAD, erit

bafis BE feu HK maior quam CD,quz
eftd centro remotior. In circulo igi.

" tur &e.

Propo.16. Theore. 5.

weab extremitate diametri ad reclos
anguloslinea ducitur extra circulum
o Cadit. Neque alia recla cadere potefl
in loci inter ipfams recla & periphe-
viam comprebenfum. Es femicirculi
quidem angulus quonisacito reclili-

neo maiorefl, religuus autems minor.
Ad
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Ad pun@um
A extremi dia-
metri AC du&ta
DEipfi AC per-
. pendiculari.Di-
‘co re&am DE
extra circulum
cadere. Si enim
o vis cadereintra,
qualiseffec D AF, du&i ex centro re-
&4 BF, trianguli AFB cum duo lateras s. 1,
B A BF pariafint, eflent #etiam pares
anguliBAF ( quemvisefle re@um ) &
BFA, quodablurdum et;duo enim re- 44y, 4,
&isin triangulo efle non poflunt. Ean-
dem ob caufam AF in circomfetétiam
caderenequit; nam etiam tum feque-
retur in triangulo duos efle redtos. Re.
&aergo DA neceflurio extra cirgulum
cadit, . 3
2 Sednequealiarecta eadetintra re-
&am AE & ambitumFA. Si enim id
- putasde AG, ducatur ad camé centro
perpendicularis BG;6& quia rectus oft
B G A, miner re&o erigB A G: quare, 5,
maior elt BA¢ qnam BG {ubtendens
minorem recto, At hoc abfurdum eft; .
H s nam
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~ nam BA ipfi BH parti totius BG ¢qua.-
liseft,nonergo maior toti BG. -

3 Angulusfemicirculi BAF quolibet

acuto eft maior : nam quiuis acutus cii

fic minor recto BAE, debebit conftitui

D A E  perredta, puia

' ‘ - GA, quz ad

pi’fﬂ,‘um A du-

&a necellario

caditintra citc-

culum, Mino-

rem ergo an-

gulum faciec

quam fit an-

gulus femicirculiBAF, :
4 Angulus reliquus HAF,quem con
tingentiz dicimus , minor eft quonis
reétilineo; nam fi minor aliquis confti-
tui poffet puta G AE duceretur recta
: GAinlocum inter re®tam AE & peri-
b - pheriam BF; Quz igitur &c.
" Corrollarium.
Hinc efficitur rectas ad extrmonns dia-
metri ferpmdi_c'nlﬂrem sangere circnlnm,
ens. & G invnico punilo tangere; nam fi plura
sangeret, caderet * intvacircubums,

B Pro-
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{Propo. 17. . Proble. 2.

3. Adat0 puncto rectam lineam ducere
qus datum circulnm tangat.

Dato puncto
A, & circulo
BCD, ducatur
excentro E re-
- &aEA, & ¢o-
dem cétro fpa-
tiocEA citc'ufug
AFG; excitee
T turquead D re-
LaDFadre@osipfiEA. Indcivn@i re-
&4 EF agatur quoque recta AB;! quam
eandem dico tangere circulum BCD
in puné&o B. Quia enim triangulorum
ABE, FED, duo latera AE, EB duobus
EF,ED funt paria, & angulus E com-
munis, hzc triangula fe habent iuxta
41.Quarecum angulus EDF reétus fit,
rectus quoqueerit EBA, & proinde re-
©ta AB circulum« tangit inB. A datp ¢ 16 3.
ergo punéto &c. '

osse: .
) H4_ | Pro
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" Re@a ABtigatinC circuld CDE,exci-

to4 LIBER Il
Propo. 8. Theore. 16.

Si civenlum tangat recla linea, duclas
alsera & centro ad contalomipfi tan-
Zenti GXit perpendicularis.

y Vefireda AB
circulum tangatin

¥ Cre@aaliera DC,
ex centro D,ad ¢5-
ta&tum G, ipli AB
erit perpendicula-

B ris. Si enim anguli

: ACD,DCBnon

funt recti, erit eorum aalteruter acu-

tus, puta ACD, fed hic maiot cft
angulo femiciredli ECD, erit ergo an-
gulus femicirculi minor aliquobacuto,
quod fiering poteft, Anguliergo ADC

DCB funt re®i, ac proinderea DG

tangenti AB el perpendicularis,

‘Ptopo. 1. (,Thcor. 17.

Si recla cirewlums tangat, ¢ ad puniinm
 contaitus tangenti ipfi perpendicnls-
7iS excitetny, in e erit circuli centri.

tetur-
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teturuead tadd

C.te&a CE, iplt

AB Pctpendicu—

R 1 laris,inquafine-

p gis eflecentrum

circoli, fitergoa-

A @ B libi, puta vbi F

- ducatutque FG

quaipfi AB erita perpendicularis,quas

se re&us angulus A CE recto angulo

ACF eritzqualis, paisvidelicer coti,

quod eft ablurdum. Non ergo ahbi e-
it centcum quam in te@a CE.

Prepo. 20. Theore. 8.

Ex eadem peripherie portione angulus
ad cesrums, duplus eft eius qui ad am-
bitum extendisur.

Super fegmento

A B, ad centrum C,
fiar angulus ACB, &
fuper eadem fegméto
ABad ambitum exté-
datur angulus AD Bl
aia ergo trianguli
Quia erg &
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CDB latera CB,CD (unt zqualia; funt
4 & anguli D,& CBD ad bafim ¢quales:
fed his duobus interpis & oppofitisb ex-
ternus ACBeft qquLiis;idé igiturangu-
lus externus ACB, qui eft ad cétrd, du-
pluselt iplius ADB, qui porrigitur ad
ambitum. Ex eadem ergo &c.

Eadem demonftratio- adhibebitur
fitriangula (e interfecent. Ve angulus
ACBad cétrum, dupluseltipfius ADB
quiad ambita. Nam dutire@a DCE
eruntanguli CDA, CAD ¢ 2quales, &
his duobus¢qualis externus 4 & oppo-
fitus ACE, cujus anguli qnia pars vna

angulus BCE , duplus et anguli BDC,

reliquus ACB du-

fus etiam ericre-

: C iqui A D B, quod
> B c:qat probandum:
. el enim angulus

ADB angulus ad

ambitym,& ACB

“ad centrum, fuper codem arcu AB,

- Prop.
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[ 3
Propofitio zz.  Theore. 15.

I cirenlo qui ineadem portione funt an-
- guli, aquales funs.

"B Sit cirenlus AB
E  CD, &ineius por-

~ vione ABC fintan-

guli ABC AEC

A c -1uxta def.1 1. duca-
turq; ad eentri an-

) gulus F. Quiaergo
tam apgulussB quamE, e dimidium

einfdem anguliF,; lfequitur cos inter (¢

efle pares. Incircylo ergo &c. °
Propofitio z2. Theore, 20.

Quadrilateroruns in circnlo deferipto-
rum anguls oppofiti duobus recis sits
aquales. '
A Defcripto qua
, drilatero AB CD
in circulo ABD
B duciturrette AD
BC. Tunc vero
quiaanguli CAD
D  CBDinscadem
\ - portionc CABD,
: &

©

420, 3,

4 2L, s
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& fimiliter anguli DAB,DCB, inea. *
dem portione B A C D,funt etiam pa-
res; totus angulus CAB duobus DCB
DBC zqualis eft: {ed hi duo addito an-
gulo CDB fiunté zquales duobus re-
¢is (conftituentenim tridgguli CBD)
Idem igitur angulus CD B, adiun&us
oppofito C A B efficiet quogue ahgu-

‘los pares duobus redtis.

Propefitio 23. Theore. 20,
Super eadem refla dus circulorum por-

Uones fimiles & inequales adeafdem
partesnonconflitnentur.

) ») Sint enim fi fieri po-
: teft fuper AB fegmen-
ta fimilia & inzqualia
ACB, A D B; dugtifq;
re&is AD,BC, BD, e~
g runt anguliD,& ACB
pares fuper eadé s por-

tione AB. At externus ACB interiori

& oppofitoé D par efle nequit. Super
eadem ergo reéta &) ‘

3%

Prop,
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.. Propofitio24. Theore.22.
Super aqualibus reclis lineis fimilia cir-
culorum fegmenta inter [¢ funt &~
qualia.

A B @ D
Super re&is ¢qualibus AR,CD, con.

fticuea fint imilia fegméra AEB, CFD,

quz fi non funt zqualia; collocetur
AB re@a fuperipfam C D, cui cégruer,
cum ponatur zqualis. Quod finon ¢5-
gruerét etiam fegmenta,tuncvel voum
extraaiternm totnm caderet & fic fi-
milia & in@qualia fegmenta fuper cadé
C D conftitverentur, vel vhum cadet
partim extra; partim intra & tunc cir-
culus circulum fecaretin pluribus pa-
&is, quam duobus putain C,F, D, fi cir-
culi perficerentur, quod verumuis seft

~abfurdum, Super zqualibus ergo re- 1o

&is &c.

Pro.

- 2%,

e
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Propo, z5. Proble. ;.
Data portione circuls deferibere circulis
cuins ¢ft portio,

B __ In data portione

g II}Q ABC fuquaqtu:

‘ ¢ Vicung; tria pun-
AVE >< ) &a A, B,C; jun-
F “ giturque duabus

re®is AB, BC; quibus inD-& E bi-
fetis,ad ea pun&a excitentur péi’pgh-
diculares DF, EF,vbienim fe fecabunt
putain Ferit circuli centrumi, Nam per
1..tam in re¢ta DF,quam inaltera EF,
erit circulicentrit.Non alibi ergo qud
inF, alias duo effent vnius circulicen-
tra. Censro ergo F, {patio FA defcri-
betur circulus cuins portioelt ABC.
Propo. 26. Theore. 2;.
Anguli equales ad cemtra aut ad ambi-
tum circulorom equalium  infillunt
Jegmentis aqualibus. |
" Sint¢quales anguli AGC,DHF ad
centra G & H, ducanturque re&¢AC,
DF. Quia ergo triangulorum AGC,

DHF, duo latera GA,GC duobus HD
, ; HF
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L

A\

A c D~__"F
B E

HF funt paria, &anguli G & H ponii-

tur ¢quales; erita bafis AC bafi DF2-“ # T
qlla‘is,quare & arcus ABClareniDEF 4, 4

eritzqualis.Rurfus fiangall K& L fint

aquales, erunt< portiones AKC, DLF

~fimiles: quare cum circuli toti ponan-
tur zquales, fimiles quoque eruntar-
cus ABCDEF.

Propo. 27. Theore. 24.

Anguliad censra ant ambitum equalile
 cirewloram’ infiffentes equalibus cir-
calorum portiombus, (unt 4qu\a/ﬂ‘.

SienimanguliBDC, FHG zquah&
circulorum, gqualibus arecnbus BKC,
FLG infiftunt, & anguliipfi non f{unt
zquales; (it BDC maior, flatque angu-

) lus

i

50 dif s,
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BDIipfi FHG zqualis; equalesergo g-
runtarcus B1,FG,quodeftsabfurdum,

cumarcus BC & FG pofiti fine 2qua-

les.Anguliergo BDC, FH Ginequales
eflenon poflunt,ac proindes necangu-

- liA & E qui funtdimidij inorumD&

H.Anguliergoad centra &c.
. Propo. 24. Theore. 23.

In qualibm circulis eqnales relle au-

Sferunt & relinquust aqualesperiphe-
rias. -

Nam fi in paribus circulis ABC
DEFre&t2 BC,EF funtzquales; faktis
angulisad centra G & H, erunt trian-
gdlord GBC, HEF duo latera GB, GC
duobus HE, HF zqualia, cumque ba.
fis BC bafi BF (ic etiam zqualis, equa-
les eruncangulia G & H. Similes ergo

por-
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portiones {unt BRC,ELF. Et quia cit-
culi funt zquales, fimiles quoque re-
linquentur BAT, EDF. 1a zqualibus
ergo &c. ) i '
Propofitio 29." Theore. 24.

. Im equalibus circulis aquales peripherias

" wqualesieita linea fubtendunt.

- . Namin figuris luperionibus A BKC,
ELF, fumptz fint portiones zquales, ‘
paresacruntanguli G, & H: fed & late- 437 %
1a continentia funt zqualia,quaref ba- | o
fesBC, EF, quz fubtendunt zquales
arcusinter le funt ¢quales.

- Propo.30. Proble. 4. -
Datam circumferentiam fecare bifarid,
Datg periphtriz A B C,[ubtendatur

re&ta AC, divifain D bifariam,ad quod -
piiGum excitetur D B,ipfi AC,perpen-
‘ . | dicl’lf
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] B dicularis, eritq; peri-
pheria AB C, bifarid
in B, dinifa. Nam du-
&is te@is AB, BC
- uia  tiangulorum
A TD € A DBG, laws
DA ipfiD C, et £quale, & DB com.
mune, anguliqnead D reéti funt, c-
runtsbafes AB, BC,zquales,ac proin-
dezquales & etiam peripheriz AB,BC.
Se@a cft igitur ABC, bitariam in B;
quod erat faciendum.

Propofi. s1. Theore.27.

I circuls angulus qui ‘in femicivenls
rectus eff: qus in portiene maiore,ms.
7075 € qui in minore, mator rech:
snfuper masaris portionss angulus et
maior recko; minoris, minor.

E In femicirculo

)
&  ADC, fiat vecig;
, angulus CD A,
¢ quem dico effere-
&um . Nam exE
cétro du@i re&d
ED, &latere AD,

B _produ&to in F,
quia
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quiz trianguli E AD, dno lagera E A,
ED funt paria, pares quoque eruntan-
gulisEAD,EDA,& in triangulo ECD,
pares erunt ob eandem caufamanguli
EDC,ECD; totus ergoangulus ADC,
duobus DAC,DCA,zqualis ett;fed jj{
dem duobus oppefitis & internis z-
qualis efté externus ¥ D C, Sunt ergo ¢33 &
zqualesquoqueinter [eanguli ADC,
CDF; acproinde rectus vierque.

Et quiaintriangulo ACD , angulus
ADQC, oftenfus eft rectus,minor crecto
eritangulus BAC, quiett in portione
DABC, maiore quam fit femicirculus.

_ Nuncvero fumpto vtcunque pun-
&0'G, inarcu DC, dulifque redtis
DG,GC, quia quadrilaterum et AG,
anguli oppofiti 4DAC, CGD, vasda. i
lent duos reftos: fedangulus DAE -
minor reto €t reto ergo maior eft
angulus DGC, quieft in portione
DGC minore quam femicirculus.

Sed & angulus maieris portionis qui
continetnr re¢ta CD, & circumferen-
tia DABC maior et re@Go ADG, to-
cotum videlicet fua parte. Angulus de-
niqueminoris portionis qui contine-

Iz tut

PR
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turredta CD, & arcu DGC, minor eft
quam re@tus C D F, pars videlicet qud
totum. In circulo igitur &c. -

. Corollarium,

-

Siin triangwlo angulus aliquis duobus
reliquis fic equalis ss crit relus. Ut fian-

A gulus e ABC duobus A
© O C, equalis ¢S, cum
externus oD B (Lyfdems
B Q A ( firgqualis;equne
D les ersain erunt D B ()

' & eAB(, 1deogue reéli.
Propo. 72. Theore. 24

i circulum recla tetigerit, & 4 fadls

ducatur recta altera fecans circulum,
anguliquos adtigentem facit, aqus-
les exunt 4s qui in alternis ‘circuli
portsonibus confiffunt.

Circulum ABCD, tangat reta EF,
inpunéo D, ex quo ducatur DB, vt~
cunque circulum feeans in B, deinde
excitata D A, ipfiE F,” perpendicalart
( que érits diameter ) ducatur AB,sép-

toque quouis punctoin atcu BD, puta
C, du-
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A C,ducantur e-

' tiam rect¢ BC
n C Do ng fa:

&odicoangu-
_ los quos facit
¢ BD,cum tan-
- gente EF, z-
uales effean-
£ D F gulis,qui {unt
in alterniscirculi portionibus. Hoceft
angulum BDF,parem efleipfi BAD,qui
eftinportione ABD; & angulvm BDE,
paremefleipli BCD, qui in portione
DCB céfiftit. Nam quiaangulus ABD,
in femicirculo s re&us eft; reliqui duo
BAD,BDA,vni re€to{unt pares; fed
retus cft angulus A DF, valet ergo
duosangulos BAD,B D A; ablatoer-
gocommuniBD A, reliquiBDF, &
BAD, manent zquales, Amplius quia
AC quadrilaterum eft,anguliA, &G,
funt4 pares duobus re&is, ficut & an-
- guliBD F, B D.E; cum igitur angulus
BDF,ipli A, fit oftenfos zqualis, relis
quiBDE,BCD, inter fe relinquuntur
cquales;Siigitur circulum &c.

13 Pra-

b 31, 3,
232 I

4 22. 3¢

Il
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| Propo. 33 Proble. 5.
" Swper data reitaportionem circnli
deferibere que capiat angulum dato

c '

F

Si angulus
datus fic re@us
viD,& datare-

. &a it AB, el

diuifa bifariam
inE; centro E
{patioE B, du-

cetur femicirculus A FB, capienssan-

goelum reGum. -

$i vero an-
gulus datusfic
acotus,vt C,&
data re&ta AB;
applicetur ad
eius extremil
A, angulusD
AB, ipfi C =-.

qualis; deinde

re&aAB, diuifa bifariamin E, excite-
tur EF,ad re@osipli AB,8cad A, reéta
AH, ad re&os ipfi A D, iungaturque
GB,ctuntque trianguloru EAG, EBG,

latera
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fateraEA,EB,zqualia, & EG,commu; :

ne, angulique contenti,zquales, gqua-
lis ergo erit £bafis GA, bafi GB, quare
fi centro G, fpatio GA, ducatur circu-
lus, tranfibit per éxtremum B; nuncve-
ro duta rea HB, quia diametro A H,
adextremum A, du@aeltad reos li-
nea DA, tanget ¢ hxclinea circulum; &
quiaa conta&tu duéti re&i AB; circu-
lum fecat, ericangulus DAB, fenangu-
lus datus C,zqualis 4 angulo AHB,qui
eltinalternafe@tione AFB,hecipfaigi-
tur fe&tio HFB,fuper data AB,capit an-
gulum dato angulo ¢qualem.
‘ " : Similis

Qurafide-
tur angu-
lus obtu-
fusC,& -
milis item
demaftra-
_tio, capiet
enimarcus AH B, angulom obtnfum
BHA, ipfiGAL, hoceft dato angulo C,
¢qualem. Super dataergo&c.

I4 ' Pro'p‘..

& 4 L

¢16.3

d 23. 3.

eric ftru- -

/
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Propofitic 34. Proble. 6.

A datocirculo porsionem auferre que
4ngalnmupwp4remmguladata

Sit datus
angolus F,
& circalus
~ ABG, cui
é; - ad quod-
uis pun&td

- puwaC,a
« 16, 3. cheturatangen]:‘DE ﬁatque angulug
o BCE. ipfi F, zqualis: eritque angulus’
bz qguiuis in portione CAB,puta BAC,é¢-
qualisipfi BCE,{eudato angulo F,0um
angulus CAB, in alterna circuli fe@io-

ne confiftat.

Propofitio z5. Theore. 29,

Siin circulodus recle feinterfecent,re-
clangulum fub fegmentis vnius e-
quale erit recltangulo fub [egmentis
alterius contento.

In cntculo ABCD,reét2 AC BD fe
interfecent in E; quz fe&io fificin cen-
tro,tunc cum omnia fegmenta fint -

qualia
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2

e

D

gualia,eritre@angulum fub fegmentis
vnius, zquale re¢tangulo fub fegmen-

tis alteriu's.Quod fiin alterutra tstum -

puta AC, fit centrom circuli, fecetque
" salteram BD, zqualiter &ad reQos in
E, tunc du&i re&3ED ex centro F,
quiarecta AC, bifariam in F, & non bi.
fariamin E divifa e}, erit reGangulum
&[ub AE, EC, fimul cum quadraro ip-
fius EF, zquale quadratoipfios FC vel
FD feu dudbusex¢FE,ED;fed quadra-
tum ipfius ED, et re&angulum fub
partibusret¢ BD, fe&z zqualiterin E;

c4Tr b

Igitur reGtangulum {ub partibus EC,

EB addito quadrato ex EF, zqualeet
quadratoipfius FD, ficut & re&angu-
lum fub partibus inzqualibus ipfius
AC, adiuncto eodem quadrato ex EF,
fiebat zquale gnadrato ipfius FD; Ab.
lato ergo communi quadrato exEF re.

étan-

~

!
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.&t‘ngula fub AE,EC,& fub BE,ED,te- -

manent zqualia.
: Siveroinal.

terptra reéta pu-
te AC,fic centrit
circuli F, & vtra-
que linea inz-
qualjter in Fdi-
‘ P uidatur, du&tis
FD, & pcrpendiculari'F G, reGangu-
lum (nb partibus AF, EC,cum quadra-
toipfius EF,par erit quadratod ex FC,
vel FD; Similiter re@angulum fub BE,
FD, cum quadrato ipfius EG, 2qualia
funt quadrate ex GD, & hoc'cum qua-
dtato ipfius GF, zquale elt quadrato
ipfius DF, quare additis ad re@anguli

" {ub DE EB quadratisipfarum EG, GF,

feu quadratocipfius EF fiet re@angu-
lum fub DE, EB 2quale quadrato ex
D Fcui etiam’ zquale erat f-re@an- -
gulum fub partibus ipfius AC, adiado
quadrato ex EF; hoc ergo quadrato ex
EF communi ablato, re&tangula {ub
AE, EC,& BE, ED, manentequalia.
Denique fi neutra per centrum tran-
feat & vnaexillis bifariam fecetur,a vt
‘ neu-

I ——
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€ Ha C B

neutra: ducatur per centram F,& fe-
&ionem E re&ta GH, tunc vero quia
oftenfum eft re¢tangulum fub AE, EB,
.zqualeellerectdngulo fvb GE, EH (fi-
“ue AB,diuifa fit bifariam fiue n3 ) item
reGangulum fubCE, ED, zqualecfle
eidem fub GE, EH,( fiue CD,bifariam
{e&a fitfiue nen) erit reGangulum fub «
AEEB,zqualere@angulofub CE,ED.
Quod erat demonftrandum. Siergoin
crculo &e. ’

- Propo.ss.. Theore. o.

Si apunélo extra circulii ducantur due

- vecle, lecans vna,altera tangens cir-

culum 5 rectangulum [fub tota fé-

cante ¢ parte gue eidem adieila eff

fque ad puncium, kqwale erit qua-
drato tangemss. .

' A pun.

3
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A D - Expun&o A
N ducatur A B, cir-
B/ culii fecans, qua
c primo trifeat per

C, centrum, aga-
B turque 4 infuper
- re&a AD, circu~’
lum tangensin D, adiun&i red CD,
quzeritbad retos ipfi AD, Quiaergo
retaBE, bifariam feGa etinC, & ei
adiun@a e EA, erit reGangulum cfub
AE,EB com quadrato ipfius EC, vel

CD, ¢quale quadratoex A C: fedhoc

idem quadratnm ex AC valet duo fi-
mald quadrata ex AD,CD;fiigitor au-
feras qnadratum commuoneex DC, re-
¢angulum fob AE, EB, fit quale qua-
drato tangentis AD. )
Qunodfilinea AB, non tranfeat per
C centrum, ducatur adeam CF pet-
pendicularis, item ali¢ re¢tz CD, CE,
CA.Cumiigitur reGangulom fub AE,
EB, addito quadrato ipfius EF; parfic
equadrato ex AF, addito cGmuni qua-
drato ex F C, quadrataex AF, FC, feu
fquadratum ex AC, gquale erit reétan-
gulofob AE,EB, adiettis quadratisex
‘ EF,FC,
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EF,FC,vel cii qua-
drato ipfius EC.
Quia ergo retan-
gulum fub AE, EB

| cum quadrato ip- .
/ fius CE;vel CD, z-
quiualet quadrato
ipfius AC,vel dua-
rumg AD DG;fi aufiramr commune
ex DC,vel CE, re@tangulum fub AE,
E B. mancbit ¢quale quadrata igfivs
AD.Quod erat demonftrandum. Si et-
go i puncto &c.

Propo. 77. Theote. s1.

Si d punitoexira civcubum ducanturre-
¢le dus, quaram altera fecet, alterd
in circulum incidat , fitque reclan-
gulum fub fecanse, & adiecta parte -
vfque ad punitum, equale incidentis
q:udmto; reita illa incidens circs-
lwm tangit,

Ex punéo D extra circulum ABF duca~

tur re¢ta DA, fecanscirculum in C, fit-

que rectangulum (ubDA,DC, zquale
quadrato re&tz D B, Dico re@am DB
. tange'-‘

£47 &K
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tangere circulum, Nam dudi re@d DF
tangente #circulum in F iunganturé
centro Ere&t2EBEF, & fire@a DAnd
tranfit per centrum E,addatur etiam
DE. Nunc vero quia re&tangulo fub
DA DG, gqualeeft 4 qriadratum tan-
gentis DF, eidemque re&angulo fub
DA DC ponitnr ¢quale quadratum ip-
fius D B, erunt quadrata re@arum DF
DB zqualia, ideoque & ipfe ¢quales,

‘Quiaergo triangulorum DFE, DBE,
duo latera DF,FE,duobus DB, BE,func’

zqualia,& bafis D E communis; ertic
cangu-



LIBER III. 146

¢anguli DFE, DBE zquales; e(tautem ¢ %:5.
dangulus DFE re&us, reGtus ergo e- . ‘
tiam c(t DBE, ideoqueereéta DB cir- ¢ 46 5
culum tangit. Siecrgoextra circulum

&c.



a8 ‘
WANTANTANTA N AN N %
Rkt
EVCLIDIS
ELEMENTORVM
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“Definitsones.

i Figurare@ilineainalterare@ilinea
dicitar infcribi, com finguli eius quz
infcribitur anguli ingula lateraatcin.
gunt eius in qua dicitur infcribi. -

L

¢

MK ¥

VDt triangu_hl»:' ABC, infériptdm estin
triangulo DEF: as sriangulum G HK nos
infcribitur in triangulo LMN], quia an:
Z#ius H,non atvingit busws MN.

- - a Figura
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2~ Figura circum figuram defcribi

* dicitur cum fingula eiys qua. circum-
fcribitur latera fingulosangulos tetige-
rint figura, qugintuse@ defcripta.
. Ut in [uperiovibms exesplis stiqugmlumi
DEF; cft deforiptym circa sxiangulum
ABC, at trignguium LM N, nan ¢it def
criptym cirea GHK, .

b 3 Figura redili-
nea ip cirgulo in-
fcribi dicityr cymi
finguli eius apguli -
circuld tetigerint.
_ Vitriggulum ABC,
= € circule ADB off
inferiptis,mom ansems

triangulum DEF., L
4 Figurd
veto reéi-
linea circa

" circulu de-
_fcribi dici~
tur, cit fing
re—— - vla eiug

jB - . F I C- ]gg;erg am-

bitum _circuli rangunt. Ut sridngulsm

ABC,defersiprwmeft cirea gf‘,'.‘h.“',"PEs,"
$ o

A
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§ Similiter & circulus in figurare&i-
lineainfcriptus e®t, cum ciusambicus
tangit fingulalatera figurgin qua circu-
las dcfc?iii dicitur. Ve circmwlus DEF,irs-
Jeripsus eft in triangnlo ABC def. 4.

6. Circulusaatem circa figuram def~
cribi dicitur, cum circuliambitus tan-
git angulos omnes cius figurz quam
circumfcribit. 77 in figura definitionis
dertia civculns A(BD defcripins off cir-
ca sriangulum ABC, won autem circa

DEBR, l
7 Re&a linea in
AL\ B circulo accomo-
darivel aptari di~
citur, cum eius ex-
c trefna in circuli pe.
. ripheria fuerine.
¥t linea 4B, aptasacestin circulo ABC,

son antem CD. B

Propofitients.

Propofitio 7. Proble. .
In datocirculo rectam accommodare a-
qualem date vecle lince, qiu cirewks
diametyo masornom [it.
In
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In circulo
A B Capranda
ficlinea zqua-
'lis ipi E qua
c dianfctro (11\ C
‘maior non fic
ni maior dia-
= - metro 4 nul-a1s,
. la aptari po- -
teft.Quod (i dismetro AC effet ¢qualis
lineaE, ipfadiameter AC effet accom-
modata vt petitur. Siergo linea E mi-
nor fitdiametro A C, abfcindatur z-
qualis AD,accentro A fpatio AD du-
catur circulus B D; iuncta enim recta
ABaptata eritin circulo ABC, & erit
¢qualisipfi E,cumE fit ¢qualisipi-AD,
cuizqualisetiam eft et AB..

- “Propofitio z. ProBlé.:.z..

In dato circulo triangulum defiribere
dato trianguly equiangulum.

Sitdatus circulus ABC, & triangu- .
lum DEF. Do&ascangente GH ad* " *
pucum B fiat angulus 6 H B C zqualis; 1. 1,
ipfi D, & GBAipfi E ponatus zqualis,
ducaturque reéta AC, & triangulum

K2 ABC
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ABC erit quod petitur : nam guiaan-
‘ gulus HBC zqualiseft ipfi A in alter-
% nacle@ione, & ecadem de caufa GBA -
ipfi C; erit q‘ub?u_e angulus D, ipfi A,
& angulus Eipli C zqualis; quare&
~ tercius F ipfi angulo B zqualié erit. In

dato ergo circnlo &é.

Propo. 3. Proble. 3.

Cirta datum circulym triangulum deof*
cribere daso triangulo aquiangulum.

&t&nn

~ Sitdatus circulus ABC, & triangu-
lum DEF, produ@oquelatctc EF in G
&H

N
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& H,angulo DEG ¢qualis fiatsad cen= 455 1.

_ trum angulus AIG, & st;gulus BiCan-
gulo DFH; nécnon «d fingula punéta

A,B,C, ducantur stangentes KL,LM, , o

MK; eritque triangulom K L M dato
triangnlo D E F zquiangulum. Nam
qnia in quadrilatéro AICLanguliad
A & Ccfunc re@i reliqui L & AIC
duobus redis funt pares: (i enim duca-
tur LT, duo trianguf‘z‘A_LI,CLI habent
ingul‘os pares4 quatuor rectis; ciiigi-
tur duo ré&ifint ad' A & C,reliqui con-
tinebuntre@os alios duos. Siergoan-
guliALC, AIC,valét duosre@os;cuny
angulus AIC fitzquilisipfi DEG, al-

ter‘angulus L par erit angulo DEF,

quandéquidem anguli ciréa latus DE
fint (ducbus re@is ¢quales.Eodem'mao-
do per quadrilaterum BICM oftende-
tur angulum M efe ipfi DFE ¢qualem.
Quare & tertius D, tettio angulo Ke-
tit Zqualis. Cired dacum ergo &e,

K3 Proe,

d 2.

.15
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_ ‘Propo. 4. Proble. 4.
Irs dato triangulo circulums delcribere.

A Dati trian-

/ gali ABC

. duo quiuis

E aguli CBA,

G ACB bife-

centura pet

re&as D B,

B o) ¢ DC,occur-
rentesin D, 3 quo pii¢to ducitur # DE,
DF,DG,fingulz fingulis lateribus trid.
gulidati perpendiculares. Nuncverd
quia triangula DBF, DBE, habent fin-
gulaadE,& F, vnum angulum reGum,
& alterum DBF,calteriDBE zqualem,
latus infuper DB commune; eruntd e«
tiam latera DE, DF ¢qualia; Gmiliter.
que oftendetur re&am DG, re&z DF
¢qualem efle. Siigitur centro D, fpatia

-DF,ducatur circulus FEG, tranfibit per

pun&a E & G, tangerque latera omnia
trianguli dati ABC. In dato ergotrian-
gulo&e

30

Pfo-
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Propofitio 5. Proble.s.

Circe datum trsangulums ciroulum def- -

 ribgre.
A A
NN B@
BT, NS
D A ‘ 'I'mnguh datxABC
3 ‘duo latera AB, AC,

c dividantur bxfamm

inD&E; ;ad qug puns,

&a excitatis _perpen-

dicularibus coibunt illz, vel intra
trmngulum , vel in latete 1pfo , vel

extra, vt in figuris ordine apparet. Da. .

canturinfuper re&a AF,BF,CF, fi om-
nes,aut ahquz eatum antenon funt du-
Quia ergo triangularum A DE,
BD F, lateragA DB lunt zqualia, &
DF commune, angullquete&udD e-
ritabafis AFipfi FB zqualis, pariter-
que oftendecur FC ipfi FA el’l'P czqua-
lem. Centro ergo F, patio FA ducetur

.41

circulus ACB, qui tranfibit perpun@a -

K5 C&B



136 LIBER I1lL
g ‘& B. Gircs datum ¢rgo triangalun
c. ‘ ’ B
' Propo. 6. Proble.4.
s dato circwlo quadyasum deferibere.
‘A B In dato cirtulo
v ABCD, fecét fead
reétes in ceatso E
diametri A D,BC,
ducantyrque reétz
‘ b AC,AB, CD, DB:
oftédettir ergo orings has lineas efle
¢quales bafes triangulorum fuoriper
4.1 & fuheanguli fopra illis bafes,puta
faper AB, zquales, quiazqualia funt
licera EA, EB: cum efgo othnes angl-
liad Bfint re&i, omnes qui funt fapta
bafes erunt femiredti, cotus ergo angu-
lus ABD; & fimiles,sut te&i: Egur“a ér-
go feftilinea ABCD, quadrati eft,deéf-
criptum in citculo; quod €rae facien-

dom. .

, § %
!

PYES T Pt.o-
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Propofitio 2z. Proble. 20.
Circa datwm circulum quadrasum def-

. ‘ L] '
- Duétis disnvertis fe fecdtibus ad reéos
inE centro, per sarum cxtrema ABy
C,D,ducantut atangentes FG & fimi-
Yes; eritquefigurare&ilinea FG HK; in
quaredilingum Ak eft paraliglogram-
mum, fantenim é anguli ad A& Cre-
. &, ergo latera ¢ AG,Ck parallela;fimi.
literque parallelg funt A C, G k prop-

L 16. 3.

b 18 3
c28 I

terangulos ad B & E reékos. Cumer-

oA go angulus A
A G Ck re&us fic,
N\ ] eritetism4 op-

R L2 B redus: fimili--
; " terque oftéde-
tuf angulos ad

H € effe, kem Gk

pofitus AG I 43+ ©

-~ 1 F.Hkreqos -

zquale eft oppofito AC,sdiametro ait- ¢ 33. -

culi, & omuia alia latera figurs FK o-
ftendentur diametro citculi 2qualia.
Sunt ergo omnes anguli reéti& latera
¢qualiain figura Fk, & per confequens’

PO . C : G&

A
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eft quadratum. Circa datum ergo cit-
gulum. &c. ‘

Propo.8.  Proble. 8.
Indato quadrato cirenlumdeferibere-
A F = . Dati qua-

- . drati A D late-
: ribus AB, AC,
K bifariam fecis

E G inE&F, pertE

te@aEG paral-
lelaipfiAB, &

— . per F ducatur
€ H P yiphAC6-

‘militer éarallela; etuntque ¢ lateribus

quadrati & inter fe gquales. Ec quiz
Ak parallelogrammum eft, erunt late-
ra oppofita FK AE dimidium laterisé
quadrati, gqualia: fimiliterque often-
detur omnes reas kE,kF,KG,KH, 2-
quales efle dimidio lateris quadrati, &
intec fe. Centro ergo k,fpatio KE du-

" cetur circulus EF GH tangens omnia

latera quadrati. In dato ergo quadea-
to &c. o S

‘Pro-
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Propofitio.s Proble. 0.

Cirek datum quadratum circulum de-
feribere.

A7 B  Indato quadiate
ABCD, du&isdia-
wetris fe fecantibus -
inE, quia trianguli
ABClateraAB,AC

X o D funt zqualia, erunt

#anguli ACB ABC zquales, & femi-

re&i,cum angulus CAB retus fit:fimi-

literque oftendetur omnes angulos
geminosad A, B, C, D, cfle zquales;

quate laterac EA EB&c. inter fe efle 2-

qualia. Centroergo E.fpatio EA,duce-

tur circulus ABCD, tranfiens perom-
nia pun&a extrema quadrati, Circa da«

tum igitur quadratum &c.

Propo. 70. Proble. 1o,

Triangulum Ifefeeles conllisuere in quo
vicrqueangulusad bafim it Auplum

LED ‘

.‘o;

religwi.

Re&a AB feceturin Ciuxtaz1, 2. ita
vt re@®amgulum fub AB BC fit ¢quale
: a qus-
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quadrato re@». Deindefalo centrc
A, fpatio AB ducatur citculos BD E,
. inquosptetur

arc&a BD ipfi
A C =zqualis,
ia&is infuper
re&is AD, C
D; eritq; triae
.gulom ABD
zquicrurum
Quare b & an-
S guli fupra ba-
fimy BD fint #quales. Nuncvero holce
los fingulos effe duplum tertii an-

gnli A, fic oftende. Cirea triangulum

" ACD du&li ¢ circulo DCA, quia re&s-

gelum fubi AB, BC zquale eft4qua-
draro ex € A feu BD per contrutioné,
& AC circulum fecat, ipfa BD tangit
ecirculum D C A, quateangulus GDB_
¢qualis e® fipfi A in alterno fegmento;
& communi C P A addito, dueanguli
A & CD'A ¢quales fune dwobus BDC
& CDA, hoc eft toti ADB vel ABD.
Et quia angulus externus BCD duobus
ginternis A & ADC 2qualis et eriti-
dem BCD paripfi CBD;, velADB; &

proin-
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proinde b reéte DC, DB 2quales, cum “ 1

ves angulos fubtendant. Et quiaBD )
pofitacltipfiCAzqualis, parescrunt
re¢¢CD,C A. Quaretanguli A & )
CDA zquales- Duplusergo eftangu. ks. %
lus externus BCD ipfius A, & eiufdem
dupli quoqueanguli funt CBD,ADB,
qui ipfi externo BCD spares oftenfi
?um:. Triangulum ergo Ifofceles &c.

Propoﬁ. 11, Problc,xr.

* Indate circulo Pentagonum agm'lateré
& aqniangulum deferibere.

. Aﬂu'mpto triangulo sIfof{oelc FGH, ¢ 9 4

cuius anguli G & H dupli fint ipfius F,

in circulo ABCD pfiac illi zquiangula -, -
LJ
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ACD, bifariamque dinidantur anguli
¢ACD, ADC. Iun&isdeindereis AB,
BC,CD,DE,EA faG&um erit quod pro-
ponitur. Nam quiaanguli ADB, BDC
funt pares, pares etiam erunt 4 arcus
AB,& B C; & eandem ob canfam om-
nes reliquiaccus funt ¢quales, & om-
nes¢ re&z AB,BC, &c, zquales, quz
paresarcus fubtendunt, Sed & angulus
ABC, fangulo B CD & reliquis qua-
toor fimilibuseft zqualis, eo quodin
2qualibus fegmentis fint omnes. Inda-
toergo circulo &c. '

Propo. 12. Proble.12.

Circa datum _civcnlum pensagonum e-
guilaseram deferibere.

In data circulo ABC notentur quin-
quepuncta A,B,C,D,E,fignantia quin-
que angulos pentagoni zquilateri in
citculo s defcripti, ad qua puna ex
centroF ducantur totidem re@zFA
FB & c.rurfufque ad earum extrema
ducantur tangentes qug concurrét bin
angulis G, H,K &c. fa&umque eric
quod petitur. Nam quiain quadrilate-

1o
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£0 BFCk, quazuor anguli quatuorere-, 55, 4,
&is zquinalent, fimiliterque in guadri-
latero CFDL, & anguliad B& C re&i
funt, fequitur angulos BKC BFC duo-
bus reéis zquivalere: ﬁmili;crque an-
ules CLD
H %JF D: cum-
que BFC &
CFDfintan- |
guli zquales -
|\ dabparesar. 42y a
~' cus BC, CD,
g’ reliqui BKC
D & CLD eriic
L - mquales; pa-
o rig; metho~
do oftendetur angulosreliquos penta-
. goniinter {c efle zquales. Nunc vero
effe zquilaterum fic otendo. Duéis
rcétis FG,FM crit quadratum ex FGee- . -y,
qualequadratistam ipfarum AF,AG, .~
quam ipfarum EF EG, Quare ablatis
quadratis ¢qualium AF, EF, quadra-
ta reliquarum A G GE manent ¢-
qualia , ac proinde retz AG GE funt
pares. Cumcauc anguli FAG, FEG &
continentia latera fint zqualia, erunc
triag-

\ .
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srigngula AFG GFE inxtag.1. &idcir-
coanguli AFG, GFE zquales. Eadem
methodo oftendetur triangyly FE M,
MFDefleiuxta 4. 1. .acproinde angu-
los EFM MFD efle 2quales. Quare an-
@uli,EFG,cii (int dimidij¢qualit EFM,
erontinter fepares, Quiaergo intrian-
gulisGFE,EFM, duo anglﬁj circare-
g;am EF funt pares, & latus adjacens
EF commune e, reliqualatera b & an-
guli erune gqualia. £quales [untergo
1e&g GE, & EM, dimidiz ipfias GM.
Eodem mads oftendetur AG efle dimi-
diam ipfius GH. Cumque dimidig GA
GE oftenfe fint ¢quales erunt & tota
ta latesa pentagoni GH,GM zqualis,
fimiliterque de cateris procedet dema-
fratio, Ergo &c.

~ Propof. 1 Proi:lel 13
indaty pentagono aquilatero é'quiar; .
gwle circulum inferibere.

Dati pentagoni ABCDE, anguli duo
prozimi EAB, AB C bifecentur s per
rectas AF, BF,& d punéto Fiin gno co-
sucrunt, ducantur ctiam re@z FC &

, ceterz
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czterz adreliquosangulos. Quia ergo
triangulorum ABF,FBC duo latera BA,
BCg¢qualia funr, & BF commune, an-'
gulique contenti ad B funt pares; erité6 4, =
totum toti zqualetrianguluim; anguli-
que & latera correfportdentia ®qualia:
pares ergo funt anguli BAF, BCF,
Cumdue anguli BAE BCD ponantur '
equales,ficuc BAF eft dimidium totius

“anguli BAE,ita BCF dimidium erit to-
tius BCD. Hic ergo angulus, & reliqui
"in orbem,fei fupt bifariam.Ducantur
deinde FG FH &c. fingulz fingulis la~
teribus perpendiculares. Et quia trian-
gulorum GFB, BFH duo anguli FGB,
GBF duobus FHE, FBH {unt pares, &
A G B Jatus FB cora-

mune , £qua-

lia ¢ etiam e-

" riiclatera FG,
\ FH, & his pa~
—>Cri modo z-
quales erunt

e K FkFL, FM.

: T Quare centro,
F [patio FG ductus circulus tranfibit
erpun&a H, K, L, M, &fic in penta-,
L gono

63§, !-

s
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gono circuluslerit defcriptus, -
' Propo. 14. Probl. 14,
€irca datum pentagonum equilaterum
& aquisngulum cwculnm. deferi-
bere. |
A Dati penta-

T &

\ goni ABCDE,
E B angulis ABC

s BCD feékis bi-
N/ fariam per re-
&asFB, FC,in

) F conuenien-

-D C tes, triangulo-
rum ABF BFC duo latera BA, BF duo.

- bus BC.BF zqualiacrunt; & anguliad

B contenti 2quales. Baflissergo AF ba-
fi F C zqualis eft; oftendeturque vtin
{up. prop. reliquas FD FE diuidere bi-
fariam angulosreliquos, & omnese(le
lineas inter fe zquales. Centro ergoF,
fpatio FB du&us circulus tranfibic per
reliqua puné&taC, D, E. Circa datum
ergo &c.

s

Pro-
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* Propo, 75. Proble.rs.

I daso cireulo bexagonum aquilsteruws
& aquiangulum ir_zﬁriZcr,e.‘ 3
A "~ Indatocircu-

1o ABCD, cuius

B centrum G,du-
B tadiametro AD

: VDG ducatur cir-

Y: culusE G C, fe-

(, ' . tans priorem in
\ ' ~ pundtis E & C,
di&ifgué per centrum Gad ambitum
re&is CF,EB, iungantur re&tz DE,DC
&c. eritque triangulum EGD zquila-

centre D, fpatio |

teram; quare.cius omnesanguliserant® &+ &

- inter {€ pares.& quilibet erit pars fertia

¢ duorum retorum , cui pér omnias sz 1

zqualeeft triangulum DGC. Iamvero

quizre@a EG cadenscin re®am FCfa-°

citzquales duobusredis, cum anguli
EGD, DGC, fint dug tertiz duornm,
. re@orom fequitur angulum E G Fefle
partem tertim 'doorum reGorum, &
zqualem duobus prioribus angulis;siic

13

<rgo tfiad triangulaEFG, EGD, DG(} ds &

L2 yndi=
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vndique zqualia; & quia anguli F GA

AGB, BGC funt ad verticem angulis
prioribus, omnes fex anguli ad G (um

®quales:quare omnes cifcumfesentize -

AB,&c.funtzquales,omnesque freétg
fubtenfe. E érgo hexagonum AB
CDEF zquilaterum; quod idem eft 2-
quiangulpm; nam emries anguli FED,
& fimiles conftant duabus tertijs duo-
rum re&oruth, veoftenfum eft. In dato

ergo&ec. .
Corollarium..
- Hine manifeftum off latus hexogoni &
guale effe femidiametro csrenliy nams lasks
DE equale ¢it femidiameiro DG,

" Propofiré. Proble.16.

© In dato circnlo guindecagonum aqusld-

serumy aquianguluminfevibere.

Indato circulo AD C defctibatut
dtriangulum aquilaterum ABC, & pé-
tagonur 2quilaterum ADEFG, cuius
angulus vnus confticuawer ad aliquem
angulum trianguli puta ad A. Quiaer-
go AB fubtendit tertiam partem circul--i



li, fitotus circulusin quindecim pac-
tes zquales diuifus intelligatur,inarcu
AGB erunt exijs quinque; & cumi AG
ficquinta pars, in eoarcy erunc partes,
tres; du® ergo erunt inarcu G B; quo
diuifo bifariam in 1 erit BH pars deci-
_ maquinta circali totins. Quare dn&i,
fubtenfia GH , fiaptentur# in circulo
quatuordecimaliz zquales,incipiendo s1, 4,
apunto B vel H,defcriptum eritin cir-
culo quindecagonum zquilaterum :
quod etiameritc equiangulum,eume- -
ius anguli omnes {ubtendant arcus z- * *7*
quales tredecim laterum quindecago-
ni:nam angulus Habarcu GH&eius
fubtenfa comprehenfus fubtendit ar-
o L3  cum
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cumGADH& fic de cqterisangult
pluralatera quindecagoni dudta effer
In dago ergo cicculo&e, - .
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Definitiones.

1 Pars eft magnitudo magnitudinis
;ninpr malotis,cum minor metitur ma-
iorem. Hoc eft,"Pars ¢/t magnitudo minor
¢ maiote [ympta com minot aliquatsesre-
peritametitur pracssé , < adequat maiq-
rem: vt 4. ef pars spfins 12, qwia r&pnmdc
ter 4. adequames 12V 1ar boc libro plevis-
gwe numerorums exemplis fub qmlm guan-
Litates conpinme, cups OpHS fuerse poﬂunt
invelligi.

Partem qug metisny totums fokemus A+
liguotam mominare, camquc hic folam vi-
dessr Enclidis definive; folet samen parsdi-
cictidmen qug Loiums non mesitkr, & vo-
caripoteSt Pars Alignanta. Sic §. ¢5t pars;

L4 qaﬁu;
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fius 12 ctiamfi precise won mcriatwy ipfurs
12.Ptraque pars bac definitione compre-
bendoretur. ' ‘ '

- Pars cft magnitndo magvitndinis mi-
ROY TARIOTIS, CHMS SBINGT TEPCLitA MaAiorcHs
poreft excedere. ‘ -

2 Multiplex eft magnitudo magnitu-
dinis maior minoris, cum minor meti-
tur maiorem. Pz 12. eff multiplex ipfins
4:qwia 4. metitwy ipfams 12. Minor vevore~
[pectn maioris dicitwr Submuleiplex. A& -
guemnltiplices denique magnitudines funs
gue & fuis fubmnlesplicibus pari numero
repetinis adequantnr. Sic 4.4d 2; & 6. ad
3. funt equemnltiplices,quia fiess 2 bis skp-
88m ddegnat 4. ita3. bis funsptum macti-
wr 6. - ‘

© Pnwerfalins, Multiplex eff magnitudo
magnitudinis maior minoris, cum minor
vepetisa masorems potelt excedere. Sic1a.
it multiplexdpfinss. &re.

3 Ratio eft dwarum magnitodinum
¢infdem generis muntua quzdam fecun-
dum quantitatem habitudo. Quod Gre-
ciA¥yos dicwnt, Latini reddunt swnc ‘R a-
tie, nunc Proportie, & bis vecibms viemmy
promifené. € ergo vatio fon proporti: ba.
y A ‘ it~
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bitudo quedam fecundum quantitarédua.
y1m magnisudinum einfdem generis. Non
enim conferrs poffunt linca cwm fuper ficie,
Sedlinea cum linea, fuperficies cnm fuper-
ﬁ‘."b. ’ e RPN
Magnitwdinum veroguainter f¢ confe-

runtur potest una alteram fuperare excef~
Jn gui numeris exprimi pot {‘/{: vt chm exn
cedit vna fecmnda fen dimindio, vnatertia,”
vnaquarta, ant fimidsexceffu, cvins babi-
tudo numeris concipipoteft: & inter buinf-
modi magnitudines et Proporrioratios
nalis. e 2ut magnitudo magnitndinem fu-
perat exceflu gui numeris exprimi pracife
non potefl; & inter eas eff Proporttioirra-
tionalis, Sicinter diametrum & coftam
feslarns guadrasi est propertio srrationa-
lis, quia diametey excedit coffam exceffw
gwineque eff vna fecunda cofl e, neque Una
tertia neque in vlla alia comparatione, gue
numeris poffit exalle definivi; fue ad coffd
comparetur , fiue ad ipfam ctiam diame~
tram ., Porro quantitatum inter qliasex-
primitur proportio qua prior ip caft nomis- .
nandi foles ¢fferri, dicitur antecedenspo-
Slerior gme fubijei folet inalio cafu,dici
tur confequens, Ut ¢wm dico numerns t‘?.
C .

[

+
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¢ff duplum ipfins 1,vel 4. ft duplus ad ip
Jums 2. Antecedens et 4. confequens 2.
4 Rationem feuproportionem dictt
tur habere inter f¢ magnitudines qua
multiplicatz poffunt fe mutuo fupera-
re. Nullaoft igniuy propotiio fiusi adinfi-
pitum , linea ad fuperficiems, cumnulla
mnlsiplicationc poffit fwperare ast finitwm
infinituns , ant linea [uperficiem,
§ Ineadem propostionedicunturefl
magnitudines prima ad (ectindam &
tertia ad quartam, cum primz & terti.
rquemulciplicia, & fecundg & quarta
2quemulaplicibus ( qugcunque fice.
mulriplicatio) alterum ab altero ve
~vnadeficiunc, vel vna gqualia, velva:
maiora funt, fi fumantuc vt inter fi
gefpondent, - '

HoceSt, fidemur quatnor ordine mag
witndines & [umpto quonss cqucmﬂhipi'—
s prima O tertie,itemque cadens aut a-
lio equemsltsplici fecunde ¢ quarte. fm-
per eweniar vt cum multiplex prime fupe
TAL, aquat, awtnon astingis mislisplex fe-
ewndz, multiplex etiam serssa [aperet g-
grct,ans non astingat multiplex quarsa,
tom.demum dices ¢ quatwor illis magnisn-

. dimibus
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dinsbus primam in ca proportione offe ad
Secundam in qyp a5t teriia ad quartam.
16 12 2 %k: Junt  magnstudsnes
3 4 AECD:nam fifumaturdn-
12 1218 18 ; o
8 612 9 plums zp[hnn_nA ¢ C, tri-
42 6 plum véro.ipfarum B¢ D,
A B C < twme v mulsiplum prime,
quodef; § wperas multiplums
fecunda 6, isa mulsiplum ipfins (, fuperas
sonlsiplum ipfius D. In fequenii vero ordi-
nein qno fumitny sripluws prima & terig,
Jexuplum vero fecunde ¢r quara, multi-
plafunt pariter equalia; ac denigwe in fa-
premoordine [Amyte duplo primg & tevsi,
olluplovero feennde & quarte, ficut mul- -
tiplum zn‘nu wsinns ¢St multiplo fecunde,
ita muhiplum tervie multiplo guarte; Ne-
gue alind ewesiict in alia vila multiplica-
tione. Ex quo colligimus primam ad fe-
cundamin eadevs eJc ratione,in quacff tere
. tiaad quartam. '
Ab hoc indicio inbet Enclides inseffs
- gAvi an magustadines incadem proportione
JSimts quod quemodo cum mainra intima
propoxssonalium gohereas fic offendo. Qure
7atio few propertio ¢St magnitwdinams fo-
cundums quantispbem comparatio; mml e.é:
. alin
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alind magnitndines in cadem rasienc offe,
guavs efft in cadensce wpaymione fes babi-
tndine psaioris & minoris,sotsus £ partis;
Jinormsen partis lasins fhmsatur, vt conppra-
hendamus etiam proporisonem irrationa
bem. Non poteff antem é guasuor magns-
tudinibus prima candem babere compara-
tionems maiovis adfecundam minorem,
gmwam babet tertia ad quartam; wifi fecun-
da &6 quartapari swmere wubiphcasa fi-
wisliter (e babeant ad meniores, guo ad e %~
ceffum, &8 defellnm. Siensm exempligra-
tia cum fecunda Ber repesitanon exce-
das primans A, quariatamen D tev ac-
n 3' 5 2 e [uperet sertiam C, ma-
ABCD mfeﬂum eris D non effe ita
v 2N mynusipfo (, fiews B ipfo A;
ant quodide cff ,((wom efic ita mainsipfo D,
ficwt eff Aipfo B, atqueadeo quatnor illas
magnitndines ni effe in cadé ratione. ld ve-
voperinde eflciferre minores magnitudimes.
B¢ D,admasores fingulas z:zC,’atq; ad
eafdem A & (Cpavinsmero msiiplicasas.
- Nam necefie off quogme fimiles parses eodé.
omodo ¢ habere gho ad exieffum & defe-
Gum ad fun s01a equaliser multiplicasa.
S5 enims cum'B [excies fampeums, non exce-



, LIBER V. 157
dat Abis yepetitum, D tame fexies accep -
swm, fuperer C bss vepetsuum; manifeitum
etiaminde evit Buon effesalens partemip-
Sins A qualis offt D spfins C fen qnod idé eff,
C noitaceffe mainsipfo D ficus eff Aspfo B.
Idspfum vero est.quod Esuclides docer; in-
bet emim maioves magnisudines 4 & C
aqualiter mnitiplicars, fen prima €6 tertia
 fumi aquemultiphices , muliiplicati ciiam
aqualser minores,femparses Bor D; & fi
Jemper eodem medo fe babeant in exceffu &
defeéimadiotn A & Caqualiser pouls ipli-'_,
cata, reiécliigit, Aeffein cararsonsad
B,inquacfi(ad D.Asque hoc fane qni pe-
nitins intellexerit, pevinde effe in coparasio
ne maioris ¢ minoris, [i% 1n propertione,
conferre vnum ad vnum , asquc plura ad
plura pari numero multiplicata, magno
‘compendio veritatem® omninis prope thee-
remarum hwins cleméti penesrabit,cadem~
gue fine longo (yllogifmarsum civcuitn refol- -
wet flatim in primea axiomata, Omnetori
effe aquale ommibms fimul fuis partibus, ¢S
€ contT A omnés part: . toss equales effe,alia~
gue bisaffinia prosuntiasa. Neque vero te
moucas quod in bumsdefinitsoms explica=
sianc cxemplym adbibycrim numerorum,
s
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in quibus femper st propertio rasionalis,
e tamen indicium ab Euclide allasum
valeat essam in irrationals, perinde enim
fuers fi boco wumerovams magnisudives
[ubstitwas im proportiont [eu rationali few
srrationali conslimtas: quodidemtintelli.
gaiurin omuibus exemplss buins elements.
6 Magnitudines qugin ¢adem ratio-
ne feu proportione {unt Ptoportiona-
les vocicur. Ot maguitadines A4,8,C, D,
¥ 2 6 3 [unt proportionales gnia bine
S prioves, & binepofieriores
4B (D fntineadem propertienc. ;.
9 Quandozquemultiplicium multi-
plex primz excefleric maltiplicem fe-
cunde, & multiplex tectiz nonexcel-
ferit multiplicem quartz ; maiorem
ptoportionem tum habet primaad [e-
tundam,quam ter¥aad quartam, Peset
bge definitio ex quimtaz Negwealindvnlt,
guam fi dicas, maiorem effe proportioncos
prima ad [ocidam quam 1ertic ad quana,
tHum intcr primim maiorem O Jecwndam
wminorem maior off inequaliras,quam inter
tevtiam & quartam.Hoc astem innefiga-
vi inbes eodem quo in quinta definitione v~ .
fus eitindicio S enim cum duplum primg

I ——T TR S
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"8 6 12 15 eA excedattriplum fecunda

"4 2 6 5 B, duplumtamentcrsigCad

~AB C D exeedassriplum quarig D, [a-

tis pasebit masorems effe excef-
fum ipfins A fupra B;quam ipfius C [upra
D ifes primam A warorem babeve ratio-
nem ad fecundam B, quam tertiam Cad
juartam D, ‘
$ Analogia feu préportionalitaseft
ationum {eu proportionwm fimilitu-~
do. Quia Larini Rationem & Propor-
ionem pro codem fummnt quam Greci A
1alogiam dscsnt : mos Propertienalitatem
iflintlionis gratia nominabimus. E5t er-'
o Propertionalitasrationum fimilitsdo.

" 7t fimilitudo.que eff inter proporsionems

duplam quantitasnm 6 ¢ 3,65 inter aliams
‘upbam quantitarum 4 & z,dicitwr Pro~
Jortionalitas,

'9  Proportionalitas in'tribus minim@
terminis conli®tit. Cum enim fit fimslisn-
do duarwm proportionnm , & vnagueqne
proportio fit inter duos terminos, quatnor
terminos requivet Proportionalitasy nifi
terminus unns bis repetatnr ivt.cam dico
Jient8adgsta 4 adar Ettunc tyes sermini

-ad proportionalitatem [ufficient,

' 10 Cum
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g0 Cumtres maguitudines propor-
tionales fuering, prima ad tertiam du-
plicatam rationem habere dicitur eius,
quam habetad fecundam. Ut guia pro-
portionales funt 8,4, 2,prima8 adsertiam
2 dicanr duplicatam habere proportionem
- eius quam habet adfecundam 4.
1 Quando vero quatuor fuerint pro
portionales magnitudines,  prima ad
qua:tam triplicatam habet proportio-
nem, & ita deinceps vino amplius, qui-
diu proportio extiterif. '
12 Homologz dicuntar magnitadi-
nes,antecedentes quidem antecedenti-
bus, & confequentes confequentibus.
Tt in guatmor magniindinipns proportio-
palibus 63, 42, prima6 ¢ terisa 4 gue
Junt antecedentes dicwitur homologa, ficus
o confequentes 3 & 2.,
13 Alterna fev permutaca proportio
et {umptio antecedentisad anteceden.
tem, & cdlequentisad con fequentem.
~dequa agisur prop. 6, vt fi ek, fiowr 6 ad
3sa4 adz, eritantecedens G ad antece-
- denzzm g ve confequens 3 ad confequen
tem a, :
iz Conuerfaratiocft fumptio canfe-

quen-
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“qyuentis vt antecedentis ad anteceden-
tem & ad confequentem. Deqnaprop PR
Utﬁeﬂ ficat 6 ad 3, ita 4adz, eris con-
wartmda.
_ Vt;ad6iuzad4
15 - ‘Compofitio ragionis eft fumptio
‘amtecedentis cum confequente, velye
wnius,ad confequentem Degwa Prop.) i8.
’Utﬁeﬂ Feut 6ad3 844 ad2: .Em com-
‘pomende.
- Z): 94d; itaéad s,
Y6 Diuifio rationis elt fumhptio ex-
ceflus quo confequenté fuperat ante-
cedens, ad ipfam confcqucntem De
gna prop.17.
pefi eft ficur 9ad 3 ita'6 ad 2 erit dmxdedv.
Pt 64d 3 zmq.ad 3.
t7 * Conuerfio rationis "cft fumptio
antecedentis, ad exceffom quo antece-
dens fuperat confcquentem De gm
propo.19 '
Te feﬁgadgfcm Gadi Erit pcr um-
uar/‘ onem rationis.
N Pt9ad6ir464d4
¥8" "Ex zqualitate ratio e, cum fue- -
rint glures magmmdmes. &aliz ipfis
numero xquales, que bing & bipzin
e M cadem
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- @adem ratione fumantur , fueritque ve
in priosibus primaad vitimamw ; itaeud
in pofterioribus, Velelt stiptio extre-
matum per fubftraGionem mediarum.
Ut fifint plures magnisudines A,'B, C, &
alic sotidem D, E, F, bina € bina binais
eadem, vatsone, hoceff vt A ad Bita D ad
€, vt BadC,ita E ad F; erit ex aquo in
prioribus Aad vitimam C, itk etiam in’
posterioribus prima D, ad F.

QB (|D¢ Fg o

1 6 318 4 2’

"Exaquo 12 ad3 8 ad z. ,
19 OQtrdinata proportio eft cim fue-
ratvtantecedens ad confequentem,jta
antecedensad colequentem.fuericetid
vtconfequensad atiam quadipiam, ita
conlequers adaliam quampiam. ,

Dupliciter inftitui potest proportia ex
equalitate vwo modo quandotam inprie-
vibus quamin posterioribus comparantwr
prima cum fecunda, ¢ fecundacunster-
ria: & bac eif ordinata proportio gue hic
defimstur & de quaagitur prop, zz:'_ei'ufg:‘u'
.exemplum poficum gstdef18. Alserd me-

.;-" + G40
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Jo f t proparm ex xquo, cum ardo pertsr-
basur in poﬂermnbnr, vt appnrelm deﬁm—
tmpe eguenti. '

19. Perturbaca pfoportio elt cumn tri-
busexiftentibis magditndinibos & to-
tidem alijs, fueritvin prioribus ante-

cedensad.confequentem , itactiamin

pofterioribus ; ¥taviem in priovibus
confequens adaliam quampiam, ita in
poﬂenonbusalxa quxPlam ad antece>
deptem.
T Usfife qnemadmodwm in pnonbw Q(I
~ ad B, #a'in posterioribus€ ad F, vivere in
prioribiss B confequens ad aliam quams-
piam Cita in poilersoribus alia-quapiam
D wd antecedentém E, erit hec perturbata

preporsie. degna agitar prop; 21. €23

UV B c|p e Fp

: 11841116 4

Ex aqav 12 4 12 4

Lubetad extremum breui fchemate
ponere fub ocules omnes hafce pro-
portionim formas quas animo firmi-
ter comprehendiffe plurimum., tyrom-

bus Rrodcm.
- : M2 Qua

LIBER . 163
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#64 LIBER V. ’
Quia eft vt 9 ad 3 ita 6 ad 2

Erstetiam, -

Permutands [ 3 ¥ é 1% & ry
Connertendo 3 9 } a o~y e J
Companendo V112 Fad s Hitals Mad? . 3
Diurdendo 4 3 + N\ ‘2
Por Con.zat 9 g L 2 S

Proportio ex zquo.
- - Ordinata. - Perturbata.
gd-ﬂ ClDé F||4 chlD-epg

12 6 3]84 2ff12 8 4|12 é 4

Ex ¢quo 124d 3 8ad 3 1 adg 124d¢
" Negsuevero diffieile est aduertere ex ipfis
numeris in omnsbus bofce ordinibus.qua-
sshor magwitudines effe proportionales, few
miweves duantitates: effe (imiles maiorum
pavies: Nam in permusata ficut 6.¢f! pars
Jatifefquinkera ipfins. g, ita Lipfins 3. Sem.
guodidem ¢it, ficws 6 femel continciur in
9 & fuperfunt 3 parsdimidid ipﬁnﬁe; ita 2
femel cantinesur in3, O (WpereSt 1. pars
 dimidiaipfiusa.ldem imreliguis ovdimbns
deprebendes. o SIS R




| ) \L}BB‘R o ’;,‘g,
o *’Propoﬁ?iénex. |
Propof' x.» Thcorc.

& Suering. gwmmqye magmttdmes
 guatcungue magmmdmum Rumerg .

. agualium  aqucyultiplices fragule,
ff ngﬂkmm, quam multiplex. off vna
wmm, tam myln;lzm erum: cmna
ommum. .

E 1o S H'oc‘c& Equcmnfnpﬁ
cium. mégmrudmum quam
, mulciplites funt “fimgule
é ; 2 fngykrusp, tam multipli-
- A B Cq ces funto@nes oniom.
V¢t quia qquemnlnphc s funt Aad B,
CadDifiA & Ccolliganturin E, fimi-
iltetgue B'& D cqlligantyr inF,quam
multiplexerat A ipus B, :am mulu—
plexéhtE‘IPfusP e R
Non eniny fiaiota. &mr‘ mmora ﬁmt
totaquam fuq 6tfmé§ partes: horr 0=
teft proinde totum E pluriesvel qus
ciotehumero cohtinere cotum F, qui,
A& C partes omrits totius E; cpntmc-
chB & part¢s otnnes eoeiug ..
- M3 Pro

3
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4  LIBER V. N
Quia eft vt 9 ad 3 ita 6 ad »

Erizetiam,

Poymutands [ 2 & é thy X 3
Conmertendo 3 D %) ¥
Compunends PV 12 > 4d ita s adL 3
Dinsdendo 4 + ‘2
Por Con.zar 9 od ) o~ G 4

Proportio -ex zquo.
_ . Ordinata, Perturbata.
§A$ C[D£F A B»ClD&F%

X126 ;184 2]z 8 4|26 4

Ex gguo 124d 3 8ad > Trady 124dy
- Negucvero difficile et aduertere ex ipfis
numerss in omnsbus kufce ordinibus qua-
tsor magnitudines effe proportionales, few
minsves duantitates: effe (imikes maiorums
parses: Nam inpermusata ficwe 6cff pars
Jubfefguiakera ipfins g, ira Lipfins 3. Sem.
quodidem ¢33, ficwt 6 femel continetur in
9 & fuperfane 3 parsdimidid ipﬁnﬁé; ita 2
Jemel continesur in3, & (WpereSt 1. pars
dimidia ipfiusa.ldem inreliquis ovdimbus
deprebendes. o IR

© et gty : o
g.- _I;CJ:(.?:% .
PR E el

Pro-
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LIBER V. 167
aparingmero in muleiplicibus ¢olle., , , .
¢tishaceftin G, & H.
¢ Propo.z:" Theore. 3.
i prima fecunde ita eff multiplex ve-
tertia quarta, ¢ prime ac sertia fi-
. mantux equemultiplices; erit multi-
plex prime tam mulrsplex fecunde,
- guam multiplex: eff multiplex; sertie
adquartam - S

. Vtquia A centinet B, ficut C iplam -
" D;fi fumantnr E & F zquemaltiplices
_ipfacum A & C, B continebitur toties

in E,quoties DinF. , ’ C

E 8 Fyz Namfumeremultiplaipe

.« farum A& C non eft alind

4203 quam {fumere plures A & C;°

ABCD Sicutergo B & D ¢qualiter

continebancurin fingulis A8 G, con-

tinebuntur etiam s zqualiter in ijfdem « 1. 4.

A & C parinumero multiplicatis in E

&F. . :

5 50k $ S
'73&) e &
: M4 Pro+
I~.
s




8.  LIBER v.
. - Propofitio 4. Theore. ¢.’

Siprima_ad fecundam. eam proportie.
' “nem habuerit quam tertia ad quartd;
babebunt quoque eandem rationem
aquemnltiplices prime ¢ tertig ad.
equemnliiplices [ecunde ¢ quarte
" duxta quamuis multiplicationem., f5,
Jumantur vt inter fe refpondent.
-EF G H. Veufi Ahabueriteam pro-
8 612 o portionem ad fecundam B,
: ‘qui habet tertia Cad quat-
426 3omD,; fampus E &G 2.
ABCD quemultiplicibus iplarum.
A & C,itemque F & H ij(dem vel alijs
cquemultiplicibus ipfarum B & D:erit
Emultiplexipfius A, ad Emultiplicem
ipliusB,ficat G multiplex tertiz C, ad
H multiplicem quarcz D. Nam, vtex-
plicuimus addet. 5, in ratione maioris -
& minetis, finein proportione, perin-
deeft conferre fingulas B & D, adfin-- -
gul® A& C,atque B & D amqualiter
multiplicatas, ad A & C pari intecfe
numero multiplicatas. Si ergo fingulz
A& G,adfingulas B& D codem mo-
L e T dofe,

{
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aparingtmero in multiplicibus ¢olle., ,. ,

¢tishaceftin G, & H.
¢ Propo.s.” Theore. 3.

8iprimafecunde ita eff multiplex vt -

tertia quarta. ¢y prime ac ievtia fi-

. mantux equemuliiplices; evit multi-

lex prime tam multsplex fecunde,

- quam multiplex eff multiplex. rertie
adquartam - ' B

. Vtquia A centinetB, ficut Ciplam

* D;fi fumantnr E & F zquemaltiplices

_ipfatum A & C, B continebitur toties
inE,quoties DinF.

E 2 F 3 Namf{umere multipla'ip-.\_
B F ) farum A &G non cft lind
4253 quam fumere plures A & C;

ABCD Sicutergo B & D gqualiter

- continebanturin fingulis A& G, con-
tinebuntur etiam s zqualiter in ij{dem

' A & C parinumero multiplicatis inE
&F.

' « v
| ,‘\".' %% 3 zg?' -

Pros

. } -

N



168  LIBER 7. ,
. - Propofitio 4. Theore. ¢.

Siprima ad fecundam. eam proportio-

" nem babuerit quamitertiz ad quarta;
“habebunt quogque candem rationem
aquemultiplices prime ¢ tertie ad.
equemulsiplices [ecunde & quante

" fuxtaquamuis multipiscationem, f5.
Jamantur vt inter f¢ re[pondent.

-EF G H. Vtfi Ahabueriteam pro-
8 6 12 o portionem ad fecundam B,
g ‘qud habet tertia Cad quar-
426 3omp; ampisE &G z.
ABCD quemultiplicibus iplarum
A& C,itemque F& Hijldem vel alijs
¢quemultiplicibus ipfarum B & D:erit
Emvultiplexipfius A, ad Emultiplicem
ipfiusB,ficot G multiplex tertiz C, ad
H multiplicem quarsz D, Nam, vt ex-
plicuimus addet. 5, in ratione maioris

& mineris, fiuein proportione, perin-
de eft conferre fingulas B& D, adfin~ -
gul® A& C, atque B & D zqualiter
multiplicatas, ad A & C pari inter{e
numero multiplicatas. Si ergo fingulz
A& G,adfingulas B& D codem mo-

LT ‘ i dofe,

!



LIBER »r. )
:de fehabent, egdem A& C zqu.
muluphcatx inE & G,erunt etiiinea-
demrationead B& D dqualitermul- -
.uphcatasm F&H. ' -
R " Longiore cxrcuxm

3 idem alij fic conclu.

|’ l dunt :Sit primaAad

M fecundam B ficutcer- 2 v~
A B € D tiaC ad quartam D. :
: | ‘ Sumpns deinde E &

F, iplarum A & C 7
cquemulnplu:lbus&. BRI
G & H zquemulti- '
plicibus ipfarum B (
-} & D. Dico fore etid
- E.multiplicem primg
- A, ad Gmultiplicem;
fecundz B, vt et F
o mulnpkxtech ad
1 H mulviplicem quar-

' te D, Accipiantur c-

g ;. nimK & L ipfarum !

- E,F,& M,Nipfarum

Gnguemnlnpllces. ,
i Tuncvcro% piagque’
multiplex e E ipfius
K M N\ L AvtnyﬁusC,acccp-.
e tz-,

)
~
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teq; st ipfarQ EF aequed;ultiplicés kL,

. itaergo multiplexeft kipfius A ficugs

Lipfs C. B4dé decaufditamulciplex
et MipfiusB,ve N ipfins D. Et quia et
vt Aad Bita Cad D,acceptzq; funt ip-
farii A, C zquemultiplices K, L,ipfari
vero B,D aliz qugcunque M,N:ergo i

b« 4 5. k s laperat M, (uperabit& L ipfam N,

& fizqualis, zqualis; & fi miror, mi-
not: funtque K, LipfarumE,Fzque-
multiplices,M vero & Nipfarum G,H.

v dfs.s, EltergovtBadG itaFad H. Siergo

prima ad fecundam &c.
~ Haec inquam forma demonfirandi-per
affurnpras aguemultiplices in. fequentibus

P

© guoque propoficionibus poreft adhiberiyin

quibus ego vear campendio. Nams defini-

tione quinta ite percepta facil: aﬁqne-

MUY earnm propofitionsm vevitarem abf-
gue longo illo ambits aqueonltiplicinm.
Quad femel boc loco mouniffe fis faris,

. Corollariunt.

. : L ¢ .

s o g o " Exhac propi;/itia_ue dema-
1. 2. ¢ 3 firari poreft Propefiio comer-
ABCD [ay qua tamen cx texminis (d-
tiseff enidens. Nam fi Acft isa mains ipfo
A , o B f-




LIBER-F.  ips
B, ficns Cipfo Difatis oft ¢wideps B ita mi-
sus fore ipfo ed. fient D minuseft ipfo (,
que funt viiumy & idem . Weqgwe alind cff

propertio.converfi. ‘
" Propo. 5. Theore: 5.
S5 magnitudo magwitudinis ita multi-
plexfuerit vt ablata ablase; reliqua
reliqus ita muliiplex erit, vt tota
sotins, - : - .
Vequia A ita r'nulti'p}'éx- eftipfius B,
ficutablata C,ablatz DjeritretiduaE,
E 4 F 2 refiduz Fitamuldiplex,vt
C 8. D 450 A totius B, §ienim ¢
= %Y 4 A fic duplum ipfins B, &
A 12 B 6 pars ablata I3, dupla fimi-
liter partis ablatz D, non eflet refidva
E duplex tefidug F,nen cgn'tig:érentpkg
ompes partes totius B, in gmnibys pat:
sibus totius A, ficyr totym in rotq;
quodabfucdum et Erit ergo refidaa
refidpz ity mpfuiplex, vi rotatoriys. -
. R S

S e . )

T ‘.;E R A

) IEER v PN ,I:u-rv? trts
.

’
I

B

NN
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a7 LIBER # |
Propo:s. Theore. 6.
5i diie magnitudines duargm magnitu-
Ainwm_aquemulisplices fucrint, o
abloteguedgm caryndem. equenul-
tiplices, erunmt reliqne ffdem vel £
© quales vl equemsultiphices. - °
:.. G2 ‘H3; G 8_:{-‘1"11_.'\
- E 1o Fy E4 F 6
AnzBi8|An B8
Ca2 D3{CaD 3
"’ Yequia'dug magnitudines A,B,dua-
um C, D, {urc zquemultiplices, f au-
ferantyr ex A, B qugais ¢quemultipli-
cssearundem C, D, puta E & F; refi-
duz G & Heruntijldem C& D aute-
quales,aut ¢quemultiplices. Cum enim

C & D =zqualiter contineantur in totis
-A & B, & ir eorum aliguibus partibus

E& ,F,z%ualivtcr quoque continebun-
sur in reliquis G & H. Quare teliquz
G & Hautjj{dem C, D, funt zquales,
aut zquemultiplices. In priore exem-
plo funt G,H zqualesipfis C,D,in po-
ficriore ¢quemultiplices. . -

S Pro- -



LEBER V. 4
* Prope.7. ‘Thebore. 7.
ﬁ:qwle: adeandem magwisudinem, &

eademn ad aquales eamlcm [mbml
prapammm. Lo TR

Vefi A% B fint zqualcs
4 4 2 fy

. agnitudines, qageric propor-
A BC vnius, putatpfius A, ad C;
eadem eritaltesius B ad éindem C.Ité
quam proportioncny haber: C, ad A;

eidem haberad quualem iphi A,quod
manifellum e ex terminis.. ,

Propofitio.8 Theot. 8.

' Imgualmm magmmdmum maior ad
eandem,. maiorem babet rationem
quam minor. Et eadem ad minorem,
muigrews. babet rationems: qum ad

o mmngmmdxmm.) -

5 4 ‘¥t duatum magnitudioum
AB C" AXB; A haidby tationem ba-
bet waivrem ad: €, quam ha-

beat B maior ad candem C:maior éning
proportio eft,vbi maior et exceffus fe~
. cundum quantitatem, lnﬁrpct waiof€
tationem habet A ad mluorcm mag:p-
tadié



176 LIBER V-
E 10 F ¢

A B cC D
non pdteﬁ'ilh proportio effealia qui
vz totorum inter fe; alias omnes par-
tes, omnibus partibus aliter effent ma-
idres & minores,quam tota ipfa: quod
~ fierinon poteft, cumn totaaliud non fint
quam omunes fuz partes,

Prop‘of-r;‘»- ;Thc’dr 13,

B pmm: ad ﬁmndam eam habuerit i
mnem,guamterttudqmrtam,ter-
tia vero ad quartam maiorem ha-

- beat, qisam quintasd fextam:, maior

. quoque crit ratioprims adfecundum;

L quam quinse adfextam.

Y 3|6 218 4 Hocéelt, Eart~

A B IC D d'cm duarum pro-

: pomonum fi vna

aios ¢t quam ahqua tertia, ctiamal-
tera




LIBER - V. 177.

tera mpiot erit: v fi funt dy rationes
cxdeminter AB & CD,fitautem maios
ratio inter C, D'quam interE, Fy erit
quoque maiot ratio inter AB qua inter
EF: quod exterminis notum eft.

. Propo, 14. Theore 14.

Siprimaad lfecundam eam habuerit ra-
tionem quam tertia ad quartans f 1%

- autem primsa magnitudo maior g:m
zertia jeamdu queque maior eris qui

quarta; [ miner, mmar, fi .egualz:,
aqtmll.c.

6 34 2 Vifi fueritAad Bficut

CadD, & Aminor fit qui
"ABCD C; maior quoque en% B
quam D. Cum enim B & D totorum
A & C ponantur effe partes fimiles,fi B
fir pats maioris A Cvero minoris D,
neceflario Bmaiorerit quam D. Quod
fitotum A, toti C, aut zquale effecaut
minus, talisetiam toret pars B,} refpe-
¢tu partis D, vefatis conftat

St
5@; W*#&@M-&-b-
E =
%+ ###’?"?‘?’#‘gz
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ABCD

148, LIBER V.

Propofitio 15. Theore.15.

Partes cum pariter multiplicibus eande
proportiont babent,fi fumitur vt fi-
i refpondent.

12 4 62  Hocett.Partesparinu-
mero contentz in fuis to-
tis, eandem feruancinter
fe rationem actota ipfa. Ve magnicu-
dines B& D quz funt codem numcro
in totis A & C, eandem intet fe habent
rationem quam tota A & C. Nam fito-
tarcloluantar in dmnes partes fimiles
ipfis B & D,tunc quz erit ratio cuiufli-
bet ad quamlibet, eadem erit# ratio=
omnium ad omnes, {feutotiusad totit.

Propo. 16. Theote. 16.
Si quatuor magnitudines proportiona-
* les fuerint. etiam  permmsata propor-
tionales erunt.

EFGH  Vifiet A ad B ficue

Sa 8 a Cad D, erit etiam per-
i 4 mucandovt A ad C, ita
6 3 4 2 Bad D,quz eft alterna

. feu permutata propor-
AB CD tio;Sninptis enim E,F,ip-
' o farum
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farumA B,&G,H,ipfarum C, D ,qui-
bufcunque zquemulnphc:bus, erunt
multiplices EF, GH, in eadem ratioue :
cum fubmuluplncnbus»AB CD. Qua-*™" *
‘re EF, G H erunt proportionales, ac
proinde fi E maior, minor, aut par fic

1phi G, talis quoqueerit F ad I4. Sed E,

F, lpfarum AB, & GH ipfarum C,D

{unt vtcunque zquemuluplices. Eft .
ergo vtA badC, uaBadD - 4 s

Propof. 17. Theor. 17

5i compo(ite magnitudines prnpamom-
les fuerint , ¢ dinife proportions-

les erunt.

A CpB Sint compofitz mag-

B F - E nitadines AB, CB, DE,
6,3 FE propomonalcs, hoc
eft,vt ABad CB,ita DE,
adF E Dico fore etiam dividende, vt
ACad CB, ita DF ad FE. Quia enim
CBeft talis'pars’ totius AB, qualis FE
totius DE, erit CBad reliquas compar-.
tes AC, Gicut FEad religuas compar~
N 2 tes




130 LIBER V.

A C4 B tes AC, ficut FEad relil:
ﬁ s compartes DF, NG -
3 cnim pofluntefle fimiles
-‘—'—“‘ partes refpe&u totorum,
nifi etiam fint fimiles refpeu fuarum
compartium, vt fatis manifeRum eft.

' Corollarium.

Ex his demonstrari paseff proportio ex
" conmerfione rationis: Nam in eodem exem-

ple, eff

Vt AB ad CBita DF ad FE.
Et divid. V¢ AC ad CB ita DF ad, FE.
Etconue.Vt CB ad AC ita FE ad DF.
Ergocdp.Vt AB ad AC ita DE ad DF.

-Qye postremaeff conuerfio ravionis iNxta
defisitienem 16. 5.

Piopo. 18.. Theore. 13;.
Si diuife magnitudines pn]mmamks-

Suerint & compofite proportiona-

lcs érunt.

Hoceft, in  fuperiore exemplo fi par-
tes CB, FE fimiliter fehabeant’ ad reli-
quas compartes AC&DF; fimiliter
quoque e habebuntad teta AB & DE.
E$t conner(a pracedentis. o
' Pro-
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- Propofi.rg. Theore. 19.

Sifuerit vttota ad totam, ita ablataad
ablatam, & reliqua ad relignam erit
wttotaad tosam.

E4 F2  Vifiablatz C&D fint
-interfeinea ratione, qua
C8 D4 tot® A & B, erunt cticiun
A12 B6 refiduzx E& F, vttotz A
' & B.Cum enim ablata C
ita maior fit ablati D, vttota A, toti
B; iE refidua non effet eodem modo
maior refidud F, aliter effent maiores
omues partes omnibus partibus, quam
totum tote: quod fierinon poteft.

Propoll 20. Theore. zo0.

Si fuerint tres magnitudines, & alieto-

tidem, binge & bine in eadem ratio:
7L X RGU0 AL PYiMma maior fuerit
quam tertia; erit & quarta maior

mmor y mmor.

Sint tres magnitudines A,B, C,&to-
tidem alie D, E,F, bing & bmqm eadé.
rauone, hoc eft VEA ad BitaD adE,&

N 3 vt

quamfexia, & fiaqualss, aqualis; fi f ‘
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1296 86 4 vtBadCitaBad

b F. Dico fi A ma-
ABC D EF ior,minoz, autpar

- fictpliC, talem etiam fore D refpedu
ipfius F. Sit primum A maior quamy C:
Quia ergo A maior eftquam C, & da-
turaliaquedam B, habebit A ad B,ma-

“*$  joremsrationem quam C, ad candem
B.Eft autem ex politis vt A ad B, ficD.
adE& vt B ad Cita E ad F:ergo con-

, “ uertendo,e(t vt Cad Bita Fad E; quare

"> DadE maiorem b habet rationem'qui

L3p #8
% Fad E;maierergo eltc D quamh F.Simi-
liter procedet demonfratio. fi A ipfi C
autgqualis ponatur, ant minor, Siergo

fuerint tresmagnitudines &c.

' 1~ Nequetantum
129 631836 4 2 yeraoft propofi-
AB CG|{DEFH o fitetnz mag-
nitudines {fuman-
tur,fed etiamfi quaterng & quouisalio
numero; ferper enim fiprima in prio-
ribus minor, maior,aut ¢qualis e(t vlei-
 ma,itactiam eritin pofterioribus. Ve fi
ternis magnitudinibus ABC, & DEF
addantur G & H,fitque Cad G,ficyLF
ad H, tunc omiflisB.& Eetunt ACG,
SR B & DEF

——
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.8 DFH terns & ternz magnitudines,
. & de his procedet demonftratio prius.
facta. ' _
Propo.2z.  Theore. 21,

Si fuerint tres magnitudines, & alin
totidem , bine ¢ bine in eademn
fedperturbata ratione, ex: aquo anté
primamaior fuerit quam tertia, erit
etiam quaria masor quam festa: fi
minor, minoyifi aqualis, aquaks.

Sinttres magnitndines A,B,C,& tQ-
tidemalig D, E, F,binz & binz in eadé,
fed perturbataratione; haceftve A ad
B,ficEadF&vtBadC, fic Dad E.Di-
.co, fi A maior fit,minor,auc ziquglisip.
fi C, talem quoque foreD refpectu ip-
fius F. Sitprima A maiorip(aC. Cum
igitur A fit maior quam C, & detur a-
alia qugdam B, habebit # A ad B maio-

. . fem rationem qui
" 83 1264 C ad eandem B;
A BC DEF fedex pofitisvt A

: adB,itaetEad F,

& vtBad CitaEad F, ergo conuerten-
dovt CadB, itaEad D: quarcEad F
' - N g4 ma-



b 13. 8
10. e

c

'A'BC DEF

13, L1BER- 7.

maiorem habet rationem;quamé E ad
D. Minor eft cergo F quam D. Simili-
.ter oftendetur i A minor fit,aut 2zqua-
lisipfi C,talem quoque fore Drefpectu
ipfius F. Siergo fuerint tres ngmtudx-
-nes &c. .

Propofitio z2. Theor.z22.

Si fuerint quotcunque magmttadmc:, or
“alietotidem.bine ¢ bine in eadem
" yatione fumantur , erunt quoque ex
&quo in eadem ratione.
I» 9 6 8 6 4 . -Sint quotcungj
' magnitudines, AB
C, & aliz totidem
DEFineadem ratione; hoc et vi'Aad
B,itaDadE, &vt Bad C, ita Ead F.
Dico ex zquali fore illasin eadem ra-
tione: hoc c@, fore Aad C, ficutDad
F. Quiaenim oftenfum et fi-A fuperat
C, D quoque fupsrare F, & fi minus,

s &f 5.5, Minus&c. ita gquoques erit in gque-

muluphc:bus hocautem eft quatuor
magnitudines A, G, D, F, elfepropo:-
tlonales. o . ,

e ' ~ Pro-
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Propo.z3., Theore. 23.

Sifuerint tresmagnitudines, ¢& alie to-

- tidem bing ¢ bine in cadem [ed
pertwrbataratione, erunt etiamex &-
qguo tnseadem ratione.

‘32 8 4 126 4 Repetaturpro-

ABC DEF po. at, cum ex-

emplo, in quo

cum probati fit.fi A fuperac C,D quo-

quc {operare Faut minus efle, &c. ita

quoque erit in ¢quemuluplicibus ,

Quarceftexgquove Aad Ciits DadF,
Propofitio 24. Theore. 24.

- Siprima adfecundam fuerit vt tertiaad
quartam , quinta autem adfecundi |
eam habeatrationem quam fextaad
guartam,habebit compofitaexprima
¢ quinta eam proportionem ad [e-
cundams quam tertia ¢ Jexta fimul

- _adquartam. - > |

10 42 6 315  Quisenim fe-

cunda B eft talis

. EAB CDF pars fingnlarum
" A&E primz & quintg,qualiseft quar-
' :  ta

, :
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ta D fingularam C & F, erit quoque B
talis pars colle@arum A & E,qualis et

"D colle@arum C & F. ‘

Propo, 25. Theore. 2§.

Siquatuor magnitudines proportions-
lesfuerint, maxima cum minime
duabus reliquis erunt maiores.

\ Sint quatuor ma-
‘B gnitudines propor-
4 gionales AB, CD,E,

. & F.Dico AB maxi-
G mam, cum minima

F, maiores efle dua-

bus fimul reliquis

8 ‘CD &E.Sumature-
: 4_nim AG ¢qualisiph
E, & CHipfi F.

, Quia ergo eft vt
A C EF ABadCDits Ead
F,etque A G ipfi E.& CHip(i F zqua-
lis, eritvt ABad CD,ita AG ad CH;
hocjeft vttota AB ad totam CD, ita
ablata AG ad ablatam CH:reliquaigi-
tur GB 4 erit ad reliquam DHvrrota
ad totam: eft autem AB maior quam
o ., CD

8

h T nb
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C D, ergo maior quague B G quam
DH.Cumq; AGipfiE,& CH iph F 2-
qualisfir;pares erunt AG & F,ipfis CH
& E. Iam vero quiaipfis A G & Faddi-
tur G B, ipfisvero CH & E additur
DH minus quam GB, eruntpoft addi-
tionem AB & F maiores, quamCD &
E. Si igitur quatuor magnitudines &c.
Qna fequuntuy propofitiones non funt Eu-

©chidss, fed ex Pappo Alexandrine,
‘ & abijs adiclle.

Propoﬁ. 26. Theor. 26.

Si prima ad fecundam masorem habue.

" vitvationem quam tertinad quarti,
habebit conuertendofecunda ad pri-
mam minorem yations, quam quar-
ta adiertiam. - o

84 53 Hoc‘eﬁ_l'i'A eft cotum
A maius refpectu ipfius B, -
AB CD quam C refpe@n quartz
D: erit Bminor pars reflpeétu ipfius A,
quam Drefpectu iplius C. quod per
feeft enidens. :

Pro-
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- Propofitio 27. . Theor. 27.
Siprima ad fecundam maiorem ratio-
nem babuerit, quin tertia ad quar-
tam; habebit permutandoprima ad.-
sertiam maiorem yationems, quams fé-
~ cunda ad quirtam. '
8 4 s 3 Quiaenim D poni-
\ - turpars maior totius
: A B CD C,quaB totius A;non
poteft parsB {uprapartem D, tantum
" exceflum habere, quantum habet totii
A fupratotum C. ‘
~ Propo. 28. Theor. 28.
Siprima adfccundam maiorem babye-
vt rationem,quam tertia ad quarti,
habebit prima cum [ecunda maiorem
tationems ad fecundam, quamtertia
& quarta ad quartam.
Nam quiaB eft mi-
E1z F3 nor pars ipfius A, qui

. D ipfius C; fi vtrague
femel addatur,tam B
ipfi A,quam D ipli G,

8 45 3 .
A BC D adhuc B minor pars c-
- K .. rit
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rit totius E, quam D totius F.
Propo.z9. Theor. 29.
Si prima & fecunds ad fecundam ma-

sorem habeant rationem , quam ter

1ia & quartaad quartam; habebiz e-

tiam dinidendo prima ad fecundam

maigrem rationem, quamitertiaad
guartam., ‘

Namin exemplo fuperiore. QuiaE
eft maius totum refpectu partis B, qui
F refpe@uipfius D, fivtraque parsex
" fuototo tollatur, A refiduum ex E,ma-
ius erit re(pe@uipfius B, quam Crefi-
duum ex F, refpe@uipfius D.

Propo.zo. Theor.30.
Siprima & fecanda ad feciidam maso-
remproportionem habeis, quam ter-
tia ¢ quartaad quartam, babebunt
per conuerfionem yationss prima &
Sfecunda ad primam minorem ratio-
nem, quam _tfrtia o qguarta ad tertia.

Nam fitotum E maius eft refpectu

ipfius B, quam F refpetu ipfius D: B
minor
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minot erit pars ipfius E,quam D totius
F. Quare reliduum’ A maior ericpars
totius E, quam refiduum C totius F.
Hocautemidem e®t ac fidicastotum E
minorem habere rationem ad primam
A, quam totum F adtertiam C.

. Propo. 1. Thore. ;1.

+ 8ifint tres magnitudines, ¢ totidems a-
lia, babeatque prima prierum maio-
vems rasionem ad fecundam . gaam

 primapofleriorumad fecundam, fe-
cundatsempriorii matorem habeat ad
sertiam; guam in poSterisribus fecun-
da ad tertiam, et1ami ex aquo habebit

Drimapriorums maiorem rationem ad
sertiam, quam prima pofleriorumad
tertiam.

16 84. 9§53 Namﬁ_magni'-

todines illz  finc
ABC DEF ABC,DEF,permu-
tando eas proportiones qua in propo-
fitione ponuntur, -

Erit
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Erit maior © A ad Dqua BadE.
Ecead@rationemaior B ad E qua C ad F:

Quaremulto maior A ad D gua Cad F.
» Ergo permut,maior A ad C qua D ad I.

Propofi.32. Theore. 2.

Sifint tres magnitudines, & totidem a-
li€; [itque maior proportio prime
priorum adfecundam, quamfecunde
pofieviorum adertiam: ltem fecunde
priorum adtertiam, maior quam pri-
mapofieriorum adfecundam: erisetid
eX &40 AIOY Tabio Prima priovum
ad tertiam , quam prime poflerio:
rumad tertiam,

168 4 964 69  Sintille
ABC DEF GH  magniwdi
. . nesA.B,C
D,E,F.fitq; pretereave Gad CitaDad
E,& vtHadG,itaEadF, collocabun-
turqueternz & terng magnitudines D,
E,FH, G, C,ineadem fed perturbata
ratione;eritque , exzquo ve Dad F ita sz0.5

Had C. ‘ ) )
Nuncvero quia et veGadC, itaD
ad E’
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ad E maior eritbratio ipfius B ad C;

‘qi1am G ad C, ideoque B maior eft qui

G, & per confequens maior ratio eft
ipfius Aad G quamad B: eftautem” A
ad B. maiorquam EadF, multoergo
matorelt Aad G, quam Ead F. Rurfus
quia et Had G,vt E ad F, maior erit A
ad G qram H ad G; quare A maiore®
quam H, & per confequens maior eft

"~ AadC,quam Had eandem C.Sed o-

ftenfum fuiteffe viHad C, itaDad F,
maior ett ergo ratioipfius A ad C, qui
iplius D 2d F: quod eft propofitum.

. Propo. 33.. Theor. 33.

Sitota adtotZ maserem yationé habue-
rit,qui ablata ad ablatams , babebit
& reliqua ad reliquan maiorem ra-
sionem quamtota ad tetam.

E8 F 3 Vefitotum A ad toti
C4 D 3 Bmaiorem habeat ratio-

B 6 tem,quam ablatum C
A‘”' ad ablatum D; maiorcn;
Kabebit reiduum E ad refidunm F, qui
torum A, adtotum B, Nam ficut toti

A el maius toto B, ita omnes fimul’

partes
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partes, omnibus partibus. Quia ergo
pars C minus fuperat partem D, quam
totum A tetum B; refidua parsE debet
magis {uperare refiduam F, quam tdtd
A totum B, vtexceffn maiore ipfius E
compenfantedefe@umipfins C, partes
C & Eita!fint maioves partibus D & F,
ficut totum A maius eft toto B, «

Propofi.34. Theore. ;4.

53 lint quotcunquc magnitudines, & a-
lia sotidem, fisque maior rario prime
priorumadprimam pofleriorum,qua

Jecunde ad fecundam, ¢ hac maior
quam tertia ad tertiam, ¢ fic dein-
ceps: babebunt omnes fimulpriores,ad
omnes fimul poferiores, maiorem ra-
tionem, juam omnes priores relicla
prima ad posteriores emnesprimali-

. militerreliéta; minorem autem qui
prima priorum ad primam pofterio-
78m; maiorem tamen quam vitima
priorwm advitimam pofferiorum.

134 653 Sint quotcun-

que magnitudines
ABC DEI"' O ABC,
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ABC, & aliz totidem D E F; itafecha-
bentes vt proponitur.
Quia crgo maior cft A ad D quam Bad E.
Erkpermuta. maior Aad B quam D ad E.
componcn, maior ABad B quam DEad E.
Er permuta. maior ABad DEquam B ad E.
Quia ergo maior eft tota AB ad to-
tam DE, quam ablata B ad ablatam E,
maiorcrit 4 reliqua A ad reliquam D,
quamtota ABad totam DE. ‘
Eadé ratione maior erit B ad E qui tota BC ad 0. EF
Multo ergs maiot ¢t Aad Dquam BCad EF
Et permutat. maior Aad BCquam D ad EF

Et compo. maior ABCadBCquiDEfFad EF
Et permuta. maior ABC ad DEF qai BC ad EF,

quod erat primo loco propofitum.
Nunc vero quia-maior et tota ABC;
ad totam DEF, quam abJata BCadab-
latam EF, erit & maior reliqua A adre-
liguam D, gquamtota ABC éadtotam
DEF; quod erat fecundum. ,
Deuique quia maior eft B ad E qiam C ad -
Eric permuta. maior Bad GquamEad F
Et compo. maioz BCadCquaEFad F
Etpermutat. _maior BCad EF quam CadF.
Oftéfa eft auté ma.ABCad DEF qua BCad EF
Multo crgo maior et ABC ad DEF qua CadFe
Quod erat tertio loco propofitum.
Eadem methodo procedetur fiqua-
terng proponantur magnitudines, aut
aliz plures quocunquenumero.

EVCLI-

/
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1 Similes figurz re@tilinez funt, quz
fingulos angulos fingulis zquales ha-
bent; & latera circa zquales angulos
proportionalia, g

¥

A - Ut trian-

: “gula ABC,

D %)E F, erunt

Similia, fi fins
wlos angulos
B B ¥
pares, boc estf angulus A4, angnlo D,an-

guli vero /B & C,angulis E, & F fint 4~ ‘
quales; item fi lasera civca aquales awgu-

los fims proporsionalia, hoc st fifis ve AB
© 4d eA4C, ita DE adDF; & vt oAB ad
B(,#aDE,ad EF; acdenteue vs AC ad
- 02 CB
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CB,ita DF4d FE, .

2 Reciprocz figurg funt cumin vtra-
que figuraantecedentes & confequen-
tes termini rationum fuerint.

A ‘Hoc eff f-
n gurerecspro-

ca funt cuns

invna figura

B c L E Yepersiur an-

tecedes unins
proportionis , cwins confequens eft in feci-
Aa; 5 cum ¢ contra antecedens alterins fi-
milis proporsionss eff in fecanda figura,cn-
" dus confequens 63 in prima; vt 'triangwla
ABC, DEF, erust reciproca, fi fuerit vt
¢4 B, ad DF;ita DE, ad «AC tunc enim
antecedens prima proporiionis reperitmy in
triangulo primo « ABC & inaltero est co-
Jequens; at fecunde proportionis antecedés
eft in fecundo triangulo, confequens in prs-
mo. ‘
3 Extremaac media ratione re@ali-
neafea effe dicetur, cum eft vt totaad
ad maius fegmentum,ita maips fegmé-
tum ad minus,
A s:_____a 'Su- rcé}a AB,
crit fellain C,ex-

tren A
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tremaac mediaratione, fifuerit vt tota
AB ad mains fegmentum AC,ita AC ma-
ins fegmentum ad CB minss. ’

4 Altitudo cuinfque figureeft linea
perpendicularis & vertice ad bafim de-

glu&a.

: E, Ut trianguli
: AB( altitndo
: . ¢St AD, dulla

BDCHF perpendiculari-
ter 4 verticead
bafims BC. Items triangsli EFF altitndo off
EH, extrasridgulum cadensin bafim FG,
produtam in H, : .
s Ratioex rationibus componi dici-
tur, cum rationum quanritates inter fe
multiplicatgaliquam rationem effece-’
rint. o o
Ouantitates vationum’' non funt alic
quam numei 4 quibus denominatur pro-
pertio: fic 3.¢5F quantitas proporsionisiri-
Ples2. dnpla, E8c. Rasioexgoex yavionsbus
componstur , cum denominatores proper-
tionum inter [¢ multiplicati aliquam pre-
portionem efficinne; vz ex vatione dupla &
tripla componitur fextwpla; nam denomi-
vator duplequicft 2. ¢ denominatortri-

03 . e
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ple qui of1 3. inter e mulriplicati faciunt 6
- deneminatorem propervienis fextuple ca-=
pofita. - E 7 S
" Propofitiones.
Propofi. 1. Theor. 1.
“Trianguls & parallelogramme, quorii

seadem fit altsindo, babent f¢ vt bafes. -

B A F° Sint triangula
ABC, ACD, ha-
bentia candem al-
titudinem AC, i-
tem pﬂ'allelogri-

B D maEC, CF, ha-
bentia eandem altitudinem AG. Dico
illa incer fe habece proportionem qui

habent bafesBC, & CD. Cum enim

triangula fint conftru@a intra paralle-
Ielas BD, EF, (ficut poffunt.confitui

inter parallelas quzcunque alia trian-.

gulaeiu{dem altitudinis) fibafes CB,
& CD, fint zquales, erunt & triangu-

e rJasfuperillisbafibus zqualia. Quod fi

bafis CB, maior effet, aut minor bafi.

§

CD, eflet quoque triangplum ABC,
T R maius

N
1

I
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maius gut minus triangulo ACD; &
_fic quoqueerit fumptis 2quemultipli-
cibus tam bafium quam tridgulorum; -
nam perindeeft conferrefingulaad fin-
- gula, atque pariter multiplicaca ad pa-
riter multiplicata, quemadmodgm de-
finit. 5.1ib.5. explicatum eft. Sunt ergo
triangula ABC, ACD, inter fevt bales
CB,& CD.

TIam vero fi triangula fint ve bafes, e-
tiam parallelograma:&nam hzc funt
dupla triangulorum partes autem ¢-
quemultiplicium ¢ in eadem funt ra-~ ¢ 15.5..
. tione atqueipfazquemultiplicia,

“Propofitio 2. -Theore. 2.

" Siin triangulo ducatuy recla lateripg-
vallela; fecabit proportiomaliter rels-

- qua eiufdem trianguli latera, Etfi
trianguli latera féciafint proportie-
naliter, recla per fecliones dudia ter-

290 lateri evitparallela. o

~In trianFu‘lo ABC, ducatur DE, ipfi

- BG, parallela; quo facto dico latera
AB, AC fe&a efle proportionaliter;
hoceft,cffc vt AD,ad DB, ita AE,ad
R 04 EC.

b 340 1.
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. EC.Duds enim reétis BE, CD, # ¢-

runttriengulaBED, DCE, inci{demn
parallelis zqualia, & habebunt pro-
inde eandem rationem ad triangulum
A ADE.cSed quam
proportionem ha-

bet tridguli ADE

E ad DEB, eandem

I - habet bafis AD,ad
‘DB (com triangu-
B % lafintineadem al-
titudine, qunam oftenderet perpendicu-
laris quzex Educi poteftad AB) &
vam propottionem habetidem trian- .
gulam ADE, adipfum CDE, eandem
habet bafis A E, adbalimEC; 4 Cum
ergo oftéfum fitambo triangula DBE,
"DEC, eandem habere rationem ad ip-
fum ADE, bafes quoque BD, EC,ean-
dem habebunt proportionem adlate-

raDA & EA.

Iam verofilatera AB, AC,propor.
tionaliter feta fint,cum fit ob eandem
altitudinem vt AE ad DB, ita trianguli
ADEadipfum DEB; & vt AEadEC
ita ADEad ipfum EDC; ficutin eadem
ratione ponitur effe latera AD, DB, &

o o “AE,EC;
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AE,E C;erunt etiam triangula DBE,
DECin eadem ratione adtriangulum
ADE;Eruntergoftridgula DBE,DEC f9- 5
inter fe ®qualia: cumque habedtean-
dem bafimDE erumgconﬁuuta inter 434,14,
parallelas parallelg ergo sit BC & DE.
Slcrgo intriangulo &c.

Propo. 3. Theor 3.

Si trianguli m;gulm lecetur bifaviam, &
recta angulum fecans fecet &b bq/' ims
' babebums bafis partes eadem propor-
tionem quam reliqua triangulilate-
va. Et i bafis partes eandem babeant
rationems quam re/tgu inter f¢ late-
ra,redla 4 vertice ad feYionem ba-

 Jeosdula trianguli mgulam ﬁcalut
bifariam.

~

Trianguli ABC, angulu'i; BAC,bife-
cetur per reGtam AD; dico in partibus
bafisefleve BDad DC,itaBA,ad AC:
per C, enim ducatur CE ipli AD paral-
lela, cui BA produéta occurratin E.4 4 5 ¢
%m ergoin triangulo BEC,retaDA
lPll CE,eft parallcla, erit ficutBD, ad

DC,

—
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adDC, ita BA,ad AE, fenad AC, qug
iph AE zqualis eft;Si ergo trianguli an-

gulus &c. Effe autem retam AC =- .
qualemip(i AE, (it oftendo. QuiareGa
ACuangit parallelas AD, EC, anguliy
alterniCAD, ACE funt¢quales, &
.quia re&ta AE, tangit ealdem paralle-
!as,angulus externus BAD interno &
' ' B oppofito AEC,
eltzqualis: sic

A/' ergoanguli AE

RN i

o fes; cum oftenfi

B D € fintzqualesan-

gulis ¢qnalibus BAD, & DAC; quare
latera AC, AE,4 (untzqualia.

Iamvero fiekveBDad DC,ita BA,

ad AC,e dudta vt prius CE, parallelaip-

i AD,ericveBD,ad DC,ita BA ad AF;

fzquales ergo funt AE & AC, £ quare
anguli quos fubtenduntnimitd AEC,
ACE funt zquales : {ed hos oftende.
mus ve priuselfe zquales angulis BAD,

-DAC; (unt ergo ahguli‘BAD, DAC,

paresimtet (e;ac proinde angulusBAC
fetus et bifariam. Siergo trianguliap-
gulus &e. S ‘

; T Pta-

K



Propo. 4. "Théor.4.
Zquiangulorum trianguloram latera

' ctrea aaqmlts angules funt proportio-

LIBER VI. 203

nalia,latera aqualibusangulisfub-

tenfa funt homologa.

P Sint criangula
'ABC,CDE, =-
quiangula,habé.

p tia fingulos an-

vlos zquales, A
ipfi DCE; ABC,

A ¢ E ipliCDE; ACB,
ipfiE; quetriangula fic conftitvancur
| vt latus AC, lateri C E, iaceat in dire-
&um. necnon produétz AB, occorrat

- ED in pun&o F. 4 QQuia ergo anguli
ACB, CED funt pares, re&tz BC, &

~ FE, erunt parallcle:parallelzitem AF,
& CD, ob¢quales angulos BAC&

4

a18. 1.,

DCE;eritque DB,paralle]ogrammum, °

bac proinde latera oppofita ¢qualia.
Nunc vero quia in triangulo AEF
du&a et BC, ipfi FE parallela, erit
: . vt ABad BFf{eu CD,cita AC ad CE.
BrpermuveABad AC 4 jta CDadCE,
Similiterquia CDipfi AF cft parallela , erit
s . : B 4 ¢

b3 1,

¢ 26,
4 18, 5.

f
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vt ECadCA;itae ED ad DFfeu CB,
Cuam ergo fit ve ABad AC, ita CD ad CE.
Eeve AC ad CB, 1ta C® ad EDj;
habétur terng & terng magnitudinesin
eadé ratiou¢ AB,AC.CB.CD,CE,ED.

* Quarcex xzquo vt ABad CBita fCD ad ED.

Sunt ergo latera omniatriangulorum
fropomonalia& quzzqualibus angu-
is fubtenduntur, {unt etiam homolo-
ga,feu ciufdem rationis; nam antece-
dentia & confequentiafub zqualibus
funt angulis: £quidgulorum crgo &ec.

Propof. 5. Theor. 5.

Si duo triangula latera proportionalia

" babuerint, crunt equiangula; eofque

angulos habebunt equales, qm'%m
homologa latera [ubtenduntur.

Et conuerfa precedentis vt i trian-
gula ABC, DEF, habent latera propor-
tionalia, hoce@t,fifit vt ABad AC, ita
DE ad DF, &c. erit etiam angulus A
angulo D, zqualis, &c. vevule propo-
fitio. Confticuantur enim ad reGam
BCanguli GBC, GCB,ipfisE,& F, 2-
quales;4 ve proinde etia angulus G,an-
guloD, fit gqualis,vnde [equetur trian-

gula
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gulaBGC,DEF efle zquiangula, b &, , 4
corum latcrapropomonana. Tuncve-

o

B /\\C '
Lo

‘ < '
ro quia DE & DF habé&t¢ candem pro-
portionem ad AB& AC,quam ad GB
& GC,enecefleeft ABiph GB, & AC, '™ *
ipiGC zqualem efler dcumqueBCft 448
communis, tota triangula ABC, BGC
funt zqualia, & 2quales anguli omnes
Cumergo ABC, & DEF cidem tertio
BGQC, fint :rqmangula inter fe quoque
erunt zquiangula; funtveroilli ¢qua-
lesanguli quibus homologalatera fub-
tenduntur: nam anguli A & G zquales
font,quibuscommuone BC fubtenfum
eft, &c, Siergoduetriangula &ec.

o

VT Ry
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Propo. 6 . Theore. 6.
5i duo trianguls vium habeant wqus;
lem angulum , & lasera circa enm
| proportionaliacrunt equiangula, an-

gulofque babebuns aquales quibus «-
gualia lasera fubsenduniur.

D In migulis A B G

A
. ; / © DEF, fi gquales
BACE F fincanguliA & D,

‘ / “fitque v A B, ad
“AC,ita DEadDF,
s - erunt &  reliqui
anguli zquales &c: conftituantur gnim
adre&am EF, angali EFG,G EF.¢qua-
lesipfis B, & G, vtpropofitione lupe-
rioti.Quiacrgo zquiangulafunt ABC,

. GEF,#erunt AB, AC, & GF, GE, pro-

portionalia; fed funt etiam proportia-
nalia AB,AC & DE,DF,¢funtergo la-
tera DE; DF, iplis GF, GE ¢qualia. ¢
Cumaquecbafis EF (ic communis, tots
tiiangula DEF,EFG ¢qualia & ¢quian-
gula funt, Quia ergo wiangula ABC,
DEF, vnitertio EFG funt zquiangula,.
inter fe guoqueeruntxquiangula &c..«
Pro-

-
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Prepo. 7. Theore. 7. ’

Siduo triangule vnum angulum equs-
" I¢, & lasera circa alteros angulos bg-
beas propertienalia, vtviiq; vero an-
gulorii religuorum aut minotZ recle;
aut non minorem; aquiangula erust
triangula, ¢ angulos circa quos late-
ra funt proportionalia, habcbunt &-
guales.

_ Hoceft;fidgo trianghla ABC, DEF
habeant vnum dngulum, puta A)ipfi

D zqualem, circaalteros vero puta B,
" & E,latera fint proportionakia, ac de- -
niquefi tertijanguliC & F, fint vter-
que minor, aut vierque¢ non minor re-
&o; erunt hzc tangula zquiangula,
Sincprimuro tertijanguli C F vierg;
minor redto: quodfi tun¢ negas au-,

: goilos .

\ .
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gulosABC DEF, circaquos laterasiic
“roportlonalla, eille zquales, fit maior
A BC, inquo conftituator ABG, iph
DEF ¢qualis, ciquein triangulis ABG,
DEF, duo angulhi D & E,duebus A,&
AGB, fint zquales, s tertius F, tertio
ABG erit¢qualis,ac proinde tota trii-
gulazquiangula. sEltergo vt DE,ad
DF, vel vt AB,ad BC, (namex hypo-
thefi cadem eftinter veraque ratio ) ita
ABad BG;eflet cergo ficut AB,ad BC, -
ita AB,ad BC,dquare retz BC, BG,
eflent equalese & confequenter parcs
eruntanguli BGC,BCG; & cumBCG
pofitus it minor re@o,ctiam BGC mi-
norerit reo: fi ergo BGC, eft minor
recto ,angulas BGA maior ferit reo,
quem tamen oftendimus zqualem effe
anguloF, hogeft, minorem re@o,cum
angulus F poficus fit re&to minor:idem
ergoangulus BGA eflet maior & mi-
not reto,quod et abfurdum.Ng pof-
func ergo anguliABC,BEF, efle inz-
quales, quare & ertius F, tertio ACB
¢qualis erit, & triangula ABC, DEF,
zqulangula.
Q\od ti tcm] aniguli C & F, ponantuc
veer-
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vterg;non minor reto, negetur tamé
angulosE & ABC, eflezquales rurfus
probabitur retas BC, BG, & angulos
BCG, eflezquales; & cum pofitum fit
huncnonefleminorem re@o , necille,
effet minerretofquod et abfurdum P
nam in triangulo BGC, effent duo an-
guliredti,aut re@ismaiores. Si duo er-
go triangula &ec.

Propo.8. Theore;.
Siintriangulo reclangule ab angulo re-
o in bafim duilafit perpendicnlaris,
que ad perpendicularem funt tridgu-
la, tum toti sriangulo, tum inter f¢
funt fimilia.

A ~ In triangulo

] ABC fivangulus -
L BAC re&us , &
i , exAadbalimBC
‘B' ) - ducatur perpen-

. C diculatis A D.
Quiaergoin triangulis ABC, ADC, ,
anguli}‘SAC, ADCrecifunt, & angu- '

lps C communis, & tertius A B Ctertio* **

DAC critaqualis; ac proinde triangu-~
- haA

i
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1aABC, ADC funt zquiangula, ¢ & fi-
milia. Non aliter oftendetur trianga-
lam ADB effe ctiam fimile toti trian-
gulo ABC, ac proinde funt etiam fimi-
Iia inter fetriangula ABD ADC

., Corollarium.

Ex boc manifeStum et perpendicularé
abangulo reto ad bafim duilam, effe me-

- diam proportionalens inter dwo bafis feg-

menta: nam per 4. otendetur effe veCL,
adDAita DA ad DB, quod cff rectans
DA efe mediaws proportionalems imter
partesbafs CD, DB,

.~ Propofitiog. Proble.r.

- (Admarectalinea imperatanm partens

anferre.

Ex re@a AB avferenda fit prs tertia
Ducaturergo ex A reta AC, faciens
angulum cum AB vtcunque ; tum ex
AC fumarur quzuis pars puta AD, ac

" - duzaliz addantur zquales DE, EC,

iungaturque CB; cui parallela fiat DF.
Eritque ablata AF, pars tertia ipfius

" AB.Nam quiaintriangulo ABC du&a

eft DF,ipli BC parallela,a eritficut A l:
o ad'
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c ad DC, uaAFad

nendo ficut AC
| ad ADita ABad’

A F f g AF; effawté AD

pars tertia iplius
. AC,crgoAF cft etiam pars tertia 1p(u
AB.A data ergo recta &¢.

Propoﬁ w Proble. z. -

thtam rettam mf clam fi mtltterﬁmre,
vt feciafueris dataalsera recla.

E . Darta rc&a.
_ F/G/ AB feGafic in
_ ‘ | C& D, opox-
- I l / teatque reétx
» ¢ p B AE(qu= a{a
plxcetur ad Avt cum tedta AB anguld
vtcunque conftituat) .in fimiles paucs
fecare. Inn&i re&a BE ducantur CF,
DG, ipfi BE parallel, Iam vero qma.
in trungulo ABE du&= funt CF, DGy,
lateriBE parallelz, a fcétiones laterum *
AB AE funt propprtionales. Compé-~
nendo ergo ac dividendo oftendetur
omnem eam propornoqem,qnz cfting
: P tes

A}

FB,b & CcoOmpo- 4 g5 ¢
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ter pactes ipfias, AB, eandem quoquc’

¢fle inter partes linez AE. Datam ergg

reéam &c.
Propo‘ﬁtio 1. Problé ir.

Datis duabas rectis tertiam pro‘pomr
naleminuenire

) Daté reGz

’ .y AB, A Cangu-
lua quemuis co-
- fticvane, puta

A B BAC, iunga-
turq; re¢ta C B. Mox prodp&xs [ateri-
bus AB A C, fumatur ipfi AC 2qualis
BD,ducatutque DEipfi BC parallela, .
eritque re&ta C E tertia proportionalis
quzfita, Nam quia BCipfi DEeft pa~

tallcla, s etitve AB ad BD, itaACad

CE; et autem BDipfi A-C zqualis;
Eltergovt ABad AC, ita AC ad CE;

" quodeft re@am CE cﬂ'c tertiam pro-

portionalem,

asse

Pro-
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\\ Propo, 12 ‘P,fobllc.’ 4.

Tribus datis reclis quartam proportiona-
' Jem inuenire.

"~ Duz queli
bet ex dat?s.,pu-,-
ta AB & BC,in

. dire&tum col-

) : ‘locentur, testia -
A B € veroAD, cum .

ipfa ACangulym vtcunque conftituar,

iun@ique. 1¢@3 BD, agaturipfi paral-
lela CE; eritquere@a DE quarta pro-
portioualis quefita. Nam quiaiphi CE
parallelaeft DB, serit vt ABad BC, ita

AD,ad DE. Tribus ergo datis AB, BC,

AD, inuenta eft quarta proportiona-

lisDE. © o o |

Propo. 13. . Proble; -

... Datis duabus rectis mediam propetiio-
nalem inwenires.

Datzre@z AB, BC in dire@nm col-
lpcentur, & fuper AC conftituatur fe-

s
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SRR mici;cu‘lus AD
= A, Cinam ad pun-

I , Gum B excitata
‘,- \ perpendicularis
! J viquead fedtio-
A B € nem femicircu-

li in D, erit media proportionalis que-

3 5 - fitasDudisenim re@is AD, DC,aerit
angulus ADG, te@us, & A vertice D,ad

bafim AC du@a perpendicularis DB. s

B el 3. s, Quateinterpartes bafeos AC, media
« ..~ . proportionalis e@ PB. ~ B

Propofitio r#. Theore. 9
- ZEqualivm ¢ onum vni angalum e-
gqualems babétswm parallelogramms-
- yum veciproca funt lasera civca aqua-
les amgulos: Et quorsm latera circa’
vnum angulum equalem funt rec-
proca, ea parallelogramma funs «-
gualsa, - .0 T ‘

Sint' AB, BC, parallelogrammaz- -
qualia, habentiaaagulosad Bzquales,
atqueita collocentur,vt latus BE, late-.
ti DB iaceat in dire&umw, ac proindee-

{..t.-....'. A - tiam

1}

-~
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tiam G B, xpﬁ B F. Dico igicur effe vt
DB ad BE,ita GB,ad BF,Petfe@o enim

LA parallelogtam- :
/5 /. 7 mo EF, cum pa-
‘D B/ [F ra!lelogramma
' AB, BC, fiatk-
‘qualia, Jicut v-

C e S c num AB éft ad
EF, itaalterum BC adidem EF; fed vt

‘71

V‘

AB ad FE,¢itaelt latus DBadBE & 41, 6.

vt BC ad FE, ita latusGBad B F, ergo

.eft vt DB'adBE, itacGBad BF Qued
crat demonﬁrandum

E conuecrfo antem fi ponantuc late-

ra circagquales-angulos ad B, efle reci=

cIL §.

. proca, oftendetur parallelogtammaef- ,

fe zqualia,nam fie vt DB ad BE, s ita

&1 C."

GB,ad BF; eritstiamve¢ DB adBE ita -

AB ad FE; itemvtGBadBF, itaBC
ad FE, bquarceftetiam ve AB ad FEita |

BCad idemFE. Paralilelogtammalgl- "'

tur AB, BC, funt aqualia,

‘SX xX ?JCXUE
g X §£¥X§£
@@%@M@QE@GB@

Ry Proy

-
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* ' Propofitio 15. Theor.re.
Equalivm & vnum vni éngulu;)t «-
.. qualems habensium triangulorums re.
ciproca funt latera. Et quorum late- -
X 74 circa aquales angulos fant recspre-
¢4, eatriangwla funt aqualia,
)« o Datet propo-

g ... wwes fitio ex praece-
A 3N dcnte:nauftrian-

———3 gula funt dimi-
: " dium parallela-
g , grammori, quz-
e {ub duobuslate-

) , ribus triangulo-
. rumequales angulos continentibus de-
fcribi poflunt; quz ergo el ratio paral-
Ielogrammorum & laterum, eadem eft
triangulorum;ve fi fint triangula 2qua-
lia ABC, BDE, quibus zquales fintan-
guliad B; ponatur BE iph AB, in dire-
&um, & ex confequenti DBipfi BC,

petficianturque parallelogramma BG,

BF. Tuncveroper preced. eruntla-

tera circaangulos ad B, reciproca, qug

cadem funt latera triangulorum. Eadé

TR L T PP me-
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methodo demgfrabitur pofterior pars
* propofitionis. o
. Propof. #6. Theore. 1.

Si quatuor lines proportionales fuerint,
*erit quod fub extremis continetur vg-
ctagulum, aquale ei quod fub meds.

Et fi rectangulum fub extremis tom-
tentum aquale eit ¢i quod fub medys,

- quatwor tllg linea fumt proportionales,
E .__F -7 . Sintquatvor li-

- ’l-' nez AB,CD,CF,
. = AE, ptoportio-

4H B nales:qugita col, -

' Jocenturve AE,
€ T AB.& CF,CD,
reQos gulos A,& C,cotinedt,coplei-
turq; parallelogrima BE & DF;qug di-
co efleqqualia:nilatera circa equales
angulos A & C,reciprocitur ex hypo-
thefi. Suntaergo parallelogramma g-
. qualia;quorum BE fub-extremis lineis,
DF fub medijs continstur. - - '
~ E conuerfo fi fubijldem lineis con-
fticuantur parallelogramma, angulis A
& Cexiltentibus rectis, eaque paralle-
logramma fiit zqualis, beruntlatera
coL A circa

~

a 14,6

~
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circa angulos A & C, reciproca, hoc
efterit viABad CD,ita CF,ad AE; 4
ergo quatuor linez &c.

-Propo.17 .Theore.r2.

Sitresreile proporionales fucrint gusd
~_fub extremis cotinetnr reclangulii,a-
quale eff quadyato quod a medin def-
cribitur. Et fi quadratsi a media def-

' criptum, rellangulo fub extremis et

aguale , proportionales funt tres ille
“linea. o
F  Sinttres linee

. ’ AB,CD»B E a
' &:————é \ portionules};)r?d

e 166

o Pl met, v AB ad
CD, ita CD ad BE, fiatque fub extre-
mis AB,BE ré&angulum AE, & a me-
dia D quadratum CF. Quiaetgo eftve
ABad CD,ita CD,vel illi zqualis DF,
ad BE; erunt quatuor reétg AB, CD,
DF, BE proportionales;s re¢tigulum
ergo CF quod fub medijs CD, DF ¢6-
tinetur( hocelt quadratum CF) zqua~
lecft ipfi AE, quod continctur fub ex-

. temis AB, BE.
¢ ' E con-
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E converfo fi quadrattm*mediz

CDre&angulo fub extremis zquale

ponagur, oftendetur tres illas lineas ef-

{e propartionales, vtin prop. prace.
Siergotresre&z &c. o

~ Propofi.8. bprpblc. 6.

Sqe( data reitadato zeﬁz'limb  fimilefi- .
- mliterque pofitumdeferibere. <

E n Sic data
o " re&a A B,
datfrre&tili-
\ |. neum CD,
T .\ inquo du-
: C U w@ 1 catur re@a
EF.Deinde ad pun&ta A & B re&tz AB
conftituantur anguli A & ABH =zqua-
lesipfis C & CFE; aerit proinde reli-
quus AHB reliquo CEF zqualis, &
triangulatata AHB, CEF zquiangula,
& & latera proportionalia, Amplivsad | - o
. pun&ta H & BreGt® HB conftituantut
HBG,'BHG, ipfis EFD, FED ¢quales,
& proinde reliquus G reliquo D erit
‘zqualis, & triangula, vtprivs, zquii-
gula, lateraque proportionalia. Ecfa-
o ’ Qum

%32, L. .
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&um eft quod petitur, Nam cum trij-
gula partialiare@ilincotum AH & CD
oftenfa fint omnibus angulisZqualia,
+ & omnibus lateribus propottionalia,
funt cz figurz imiles, & Omiliter po-
fitz, Quod fi redtilineumn datd plures
angulos quam quataor contineret,

luries efle repetenda zqualium angu-

orum conftructio, pluribus qui duo-
bus triangulis conttitutis, & demon-
Bratio procedet ve prius.Super dataer-
goredta &e. B '

Prapo. 1. Thorc,.}. .

Similia triangula fans in duplicata rs-
. siome fuorum lascrum homologoram.

A
3!
2 &6 ¢ xn.p@
- Sint ABC,DEF triangula imilis, ha-
bentid angulos B & E @quales . Dico

triangulum ABC ad DEF, duplicatam
e . -~ habere

-/
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habere eam proportionem, quz clt in- .
ter latera homologa BC, EF. 4 Su-, 4y ¢
maturenim iplaromBC , EF, tertia -
proportionalis B G, vtfitficay BCad
EF, itaEFadBG; ducaturque AG.
Sunt ergo ex pofitis. . ,
. VtAB adBC, ita DE ad EF.
Permut. Ve ABad DE ita BC ad EF.
Sed ViBCad EF,ica EFadBG;
Triangulorumigiiur ABG,D EFla-
tera circa aquales angolosB & E funt e
reciproca, s ac proinde triangula ABC * %
DEF funt zqualia. Etquiacft veBCad, 4, g,
adEF,itaEFad BG, ¢ habet BCad BG
duplicatam eam rationem quam haber , -
ad EF. vtvero BC ad BG,ditaelt trian-
gulum ABC ad triangulum DEF, & il-
ligquale ABG:quare ABC tam ad trid-
.gulom DEF, quamad ABG doplica-
~ tam habet eam proportionem quz cft
inter laterahomologa, BC & EF.Simi-
lia ergotriangula &c.
Corollarium. .
Ex his patetfitres lince proportionales
- fuerint, effe vt primam adtertiam stasria.
grlum [uper prima defcriptsm ad fimile fi-
militerque pofiinm [uper fecunda. Nam
‘ ' oSten-

i
Y
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ostenfum est efie vt BC ad BG, itatriangs-
lum ABC (wper prima BC,ad triangulum:
DEE fimile fimslitcrque pofitum fuper fé-
cunda EF,

Propo. z0. Theor. 14.
. Similia poligona in imilia triangula di~
widuntur, numero aqualia & totss
homologa. Et polygona duplicatam
inter [¢ eam habent rationem , qu
¢ftinter latera homologa.

A B F O

.. Sintpolygonafimilia ABCDE, FG
HkL;fintque angnll EAB, LFG zqua-
les angulus vero G angulo B, & fic or-
dine deinceps:fint denique lateta circa
¢qualesangulos proportionalia, ve EA
ad ABitaLFad FG &c;ideoque latera:
AB, FG, &c,erunthomologa. N
Dico primo,hx¢ poligona dudtis rectis
fectis AD AC, FK,FH, diuidiin triao-
: : T gl

N
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gula fimilia.Nam quiaangulos B zqua-
liseftangulo G, & lateracircahos an-
gulos proporuonaha, azquisngulae- « &
_ runt tridgula ABC, FGH & fimilia:ca-
dem ratione oftendeturtridgula DAE,
kFL efle imila, obzqualesangulos E .
&L. Nuncverob quiacftvt ACad CB¢ 4. @
itaFHad HG ( ob fimilia triangula
ACB,FHG) & vt CBad CDitaHG
ad HK ob fimilia polygona; colloca-
bunturiuxtas:. 5. ez & ternz mag-
nitodines.

ACCBCD. FH GH HK..

Ergocxavquovt ACadCD ita FH ad HK € 2% 8.
Et quoniamangulus B C D, ipfi GHk
¢t zqualis, & ablajus ACB, ablaro FH
G,eruntreliqui ACD, FHk etiam2-
quales JQ\aremangula ADC, FkH ¢ & &
erunt zquiangula & fimilia, cum circa
#quales angulos A CD, FHk habeant
latera proportiopalia. Omnia ergo
triangula polygonorum oftenfa funt
Afimilia,

Dico fecundo efle totis homologa,’
hoc eft ficut vnum triangulum ad trid--
golow fibi refpondens alterius palygo-
ni, ita ¢lfe polygonatotainter fe. C@:a,

enim
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fuos

£ e

I’BER vl

\//>/@n

enim (rmha (unt trlagula ABC FGH
ceriitin duplicatarationelaterum ho.

i mologorum AC, FH; & ob.candem

cauflam triangula ACD FHK, funtin
duplicata ratione eorundem laterum
AC,FH.Quarevetriingulum ABCad
F G H, ita ACDad FHk, fimiliterque
oftendetur triangula AED, FLk effein

-cadem duplicata ratione laterum co-

randem AC,F H: {unt ergo triangula
polygonorum proportionalia . Cum
vera quotcunque magnitudinesfquot-
cunque magnitudinum f{unt propor-
tionales, ficut eft vnaad vnam ita om-
nesad omnes. Eltergo polygonun ad
polygonum ficut m:mgulum ad trian-
gulum,

_ Dico tertio, polygona eflein duph~

‘cata ratione laterum homolo{gorum

AB, FG. Nam quia'triangula funtgin.
duplicata tatione laterum, & polygona
funt
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funtvttnangub erunt enam polygo-.
na in duplicata laterum ratione. Simi-
liaergo pelygona &tc. Y

Corolladnm. N

v Endésw méthodp probabitur omnés fi-
gum.f redilineas eﬂ& in duphmm ratmu'
‘ lmmm bamolagomm .

Propo i Theér. og

-

inter Je f ﬁmtf mzlx e -

I ¥ : . chmm

. A S . 0 figurz' £

N BC,GlHik

’ , A eidem D
EF fint -

cEFH.KW fimililés 5.

qma anguh A&Gs sievniD gquales,c-
mt&;ntet {e qquales,&xtaprobabuur
omp:sangplos ommbus aﬁguhs efle A
qquales; & lateraacxrca cos cﬂepro- Al e
tionalia, fi lateribas’ etufdem tertdj fint - .
pnopomonal-a ac proptercg A BC, .

' erﬂ'e ﬁ’gﬁtéé fimiles.

- Prow
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Propofitio 2. Theore.16. .

Si quatwor reéie proportionales fuerint;
rec¥ilinea fimilia & fimiliter ab is
- deferipta erunt prepertionalia. Esfi
- dreilis lineis finsilia fimilitergme de-
[eripta reclilinea proportionalia fwe-
rint, ipfa recla linee proportiomales
erunt. ’

A . Sinnquatuor
B - ‘E = relt2 A,B,C,
C——— . D propéstio-
D o J wemwem nales;dicode-

P _ {criptis fimili-

T busredilineis puta triangulis fuper A

& 11 6.

b3, 5

¢ 20 6

& B, & fimilibus feu triangulis fea a-
lijs reclineis fuper C & D,. hzc rei-
lineafore proportionalia. Sumatur e-
nimipfirum A & B tertiaa proportio.
‘nalis E, & ipfarum C & D, tertia pro-
poriienalisF; eritqueexequove Adad
E,itaC adF. Vt autem Aad E,ita et
re&ilineumec {uper A ad reulined (u-
perE; & vt Cad F; itaetiam ecarumre-
@ilinea.Ergo vt re&kilineum fuperAad
rectilineii fuper B,ica rectilinet fuper (;
: ' : a
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ad redilinei fuper D. Etfic probatum
el reilinea cfle proPortionalia.

E conuerfo autem fi rectilinea fint
proportionalia, & fimilia fimiliterque .
pofita; etiam latera eruntprﬁo.rii‘o_né— d z0. &
lia; nam re@ilinea duplicatam 4 habent
rationem. illam . earidem, quz.effinter
latera. ' ‘

.. Propo.z; .Theoreaz. ™
Zquianguls Q'pardlelégmmma inter 6

-~ préportione bhabens-ex lateriipropgr-

2ibmibus compofitam. . :
)A_ B L H Sint -parals
T lelogrima AB,
BC; habentia
" ». E G,an’gglos adBg-
o . . quales; & ita

YR C.. dl( ofitavt. DB
g . ~ ipfi BG iaceat
in dire¢tum, compleaturque parallelo-
grammum BH.Cuf ergo fitvet ABsad, 1. .
BH itaDBad BG, & vt BH ad BC ita
EBad BF, erit proportioipfius AB ad
BC compofitaé ex propostionibus in<¥ s & &
ter- AB, BH, & inter BH,BC; cumque -

Q' ad

/\,‘k ’ . LN . )W
o
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hgrationes czdemfint¢ cum ijs-qu#
funt inter latera DB, BG, & inter late-
1aEB, BF; erit quoque proportio ip-
fius ABad BC compolita,gx propor-
tionibuslaterum corundem, quod erat
demonftr@duny. ‘

.Prop\o£ 24: Theor.18. |

In omniarallelogrammo,quecirca dia-
metrwm funt par sllelogrima, & to-
¥, ¢ inter [¢ funt fimilias

“AG P - In para}ld:t's-'

= \:grammo AB - cir-

K / ca diametri CD
L et M fint parallelogri-
%__.1___,1 maEF & GH)
P 7 B que dico effe &
toti,&inter fe fimilia. Nanr quizpa-
rallelogrammum GH habet angulgm
ad D communem cum toto, & angu-
lus DHk ¢qualis et sinterno & oppo-
pofito B; erunt etiam anguli HKG,

. KGD zquales reliquis A & ACB to-

tlys parallelogrammi; & codemmodo

. oftendetur angulos omnes parallelo-
. grammi EF, angulis totius AB cfle -

qui
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quales. lam vero quia triangula DkG»
. 'DXH bzquiigula fune,& fimiliter trid-

gulaDAC, DBC; eritve DA ¢ ad AC,
itaDGad Gk; latera ergocirca zqua-

les angulos A & G funt proportiona- -

" lia. Rorfusve ACad €D ita Gk adkD,
& veCDad CBitakDad KH: Ergo ¢x
¢quo#vt AC ad CB, itaGKad KH; &

ficlatera circa gqualesangulos G K H,

ABC fant propostionalia, Nequeali» -

- ter monftrabitur latera circa alios an-
guloszqualeseffe proportionalia.Sunt

ergo parallelogramma EF, GH.-fimilia
* toti AB, ac proinde ctiam e inter fe.

- Propofi..5.  Proble. 7.
Daswo redlilineo ﬁihile‘jimilitergue pofE:
. s alieri daso equale coftssuere,

- A H : . »

. & D K
X LGf I B
Sit conftituendum re&ilinenm fi-
“mile i})ﬁ A; & ¢quale alteri B. Fiat

b 29, 1
g 6

4 5

a4

/

ergo4 fuper CD parallelagrammum * 40 5
, _ Q 3 CF



b 13 6,

¢ 18, 6,

4 'go. s,
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- CF, zqualeipfi A, & {upec DF,inan-

gulo FDH ¢qualiipfi ECD,fiat paralle-
logrammi DG, ipfi Bequale. Amplius
retarum C D, D Hinueniatur & media

_ propertionalis KL, fuper qua fiat reti-

lineum M, fimile¢iph A, eritque re@i-
lineum M factum'vt proponitur. Eft ¢-
nim {imileipfi A éx hypothefi; efle au-
tem ¢qualeipfi B ficoftendo. Quiare-
&z CD,KL, DH [unt proportibnales,
erit vt prima 4 CD ad tertiam D H, ita

re&ilineum fuper primam,ideft A, ad

TR i

‘ CL 1. }- &
K L

® P OG-

 re@ilineum fupét'feédndam id eft ad

M: fedveCDad DH, itaeparallelo-
grammum CF ide A, ad DH, hoc

+eft ad B, Quareéritve Aad B, itaAad
"~ M, ideoque re&ilinea B & M erunt¢-

qualia.Datoergotedtilineo &c.

B

Pro-
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Propofi.26. Theore. 19.
© Si nparallelogrammo anferasur paral-
" delogrammiki fimile tots, ¢ commm-
" nem vnwm anguium cum co habens,
boc circa éandens diamsetrum comto- -

- 2o confilfst .

A L - a E.xPa,'ra"e;
T logrimmo A

) u_~~ | B, auferau -
g 4 F\ fimile € D,
: ‘ l : habensangu-
TE KD B Jum eundem
' SR ad E cum to-

" t0, ducantarque reétx EF, FG, quzfi
“'yron funt diameter totius A B, fit ergo
‘alia diameter, puta EH G, ducatprque
- HK ipfi FD parallela; eruntqueCk &
* AB@#panallelogramma Gmilia: eft ¢rgo
. vt AEadEB, ita GEad Ek;Ted quia fi- ¢ 24 a3
. miliaetiamponuntur CD& AB eltve '
AE ad EB, itaCEadCD; habet igi-
tur CE eanderd rationgm ad EK & ED;
quare EK & ED funt zqualiz, pars&
" totam, quod fieri nequit. Non eftergo
~diameter EH G, neque aliaerit quam
EFG: quod eratprobandum, .
Ll Q4 Pro

I
, ot
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- Propo.27.. Theore. 20, -
ominium._ parsllelogrammaeram fecun-
*dumeandem reclam applicatorum ¢
Acfisientium figuris parallelogram-
mis fimilibus es quod 4 mediq deferi-
-~ bitar, maximum id eft quod ad me-
.| diam agplicaswr, fimile exiftens defe=

. . r &  Re&a AB bi-

_Hg D M E fecétuti%x C, &
I T fnper  dimidia
. R CB fiat vtcung;
R . /parallelogram -

o KB - mwumCE, cujus
‘f& . C 'KB. _diameter Bg
Copleto ergo parallelogrammo BH,
 parallclogrimmum A D erit fuper di-
. midium AGC, deficietque 4 toto BH,
| fa‘rallclogramm’o CE;eftque AD fimi-
‘ledefe&tui CE. Hocigitur parallelo-
- grammum AD dico cﬂgemaximuni eo-
rum qo2 fuper AB pofica deficiunt pa-
nallelogrammis ‘fimilibus & Gmilicer
_pofuis” ipfi' CE. Sumatur enim in
feda DB quodcungue pun&um,,
Pyta G, ducanturque K M & FL ig-
L . +..* ) . is
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fis AB, BE parallclz ; eritque pa-

rallc tammum AG pofitum fnper
\ eficiensipfo kL quod fimileeft,

&ﬁmxhtcu pofitumipfi CE. Dicoer- * 2+ &

go- parallclogrammum AG minus cffe
. ipfo AD. Quia enim zqualia funt FD,

- & DL ob bafesézquales HD, DE, &

_ DL maius ¢t quam GE hoc ¢ft quam * 3% &
CG ( funtenimCG & GE complemé- -
taiplius CE, ideoquec zqualia) erite- ¢ 43. 1,
. tiam FD maius quam CG,. .eodem ex- . ‘
. .ceflaIM. Siigitur ipfis FD;€G com-

- muncaddatur Al erit AD maivsquam * o

* AG.Omnium ergoparallclogrammo-

- rum &¢.

Propdﬁfno 28, Problc J’,

i ;Aal datam lineam rectam data reﬂtlt-

v lineo eqwtkparalle/ogmmmum a-
. plicare deficiens figura. parallelogra-
< ma, guafitfimilis alteri data. Opor-
tet agtem datum reclilinewm von of

i fe maius parallelvgmmmo, guml ad ‘

- dimidiumdare vecle 4pplmm pateﬂ, o

' 0 tenovem precprop.

chetatur cxcmplum fupenons pros
pofi-
' :
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‘pofitionis, in quoad re@am AB fit ap-

plicandum parallelagrammum zquale

‘redtilineo N & deficiens parallelogri-

mo quéd fit fimileipfi O. Super dimi-
dizergo ipfius AB fiat pacallelogram-
mum-CE; fimile & fimiliter pofitum
ipfi Os compleaturque patallelogram.
mum BH. Quod fi contingeret CE vel
ADipfi N efle gquals, faétia effet quod
peticur . Siautem AD maius eft quam
N ( nam minusefle non debet; cume-

- pim A D fit omnium maximum quz

applicari poffunt iuxta tenorem prop. .

- prcedentis, fi effet AD minusiploN

T 6 ‘

# 26, 6.

- nollumalindapplicacipaffecad AB z-

quale ipfi N) conftituatur zquale ex-
ceflui parallelogrammum IM, fimileé
fimililecgue p\o%itum iplisO & CE,
quodque propterea poni poterit’ circa
¢ eandem diamectram DB, Iam vero

P . . Pto-
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_ produdis rectis FL & LM, erit paralle-
logrammum AG apphcatum reG=z AB
- deficiens parallelogiammo KL, fimili
ipfius IM, hoc eft ipfius O. Idemque
aequalceﬁ ipfi N. Nam quiaoften(um
eft AG deficereab AD, parallelogram-
mo IM, & reGilineum Nab codé AD
feu CE deficiteodem parallelogrammo
IM, fequitur rectilineum N, & paral-
lelogrammum AG efle ¢qualia. Ad da-
tam ergo reGtam &c.
~ DPropo.2g  Proble. 9.
Ad datam reitam dato reclilineo aqua-
- leparallelogrammum applicare,exce-
dens datam reclam figura parallelo-
gramma, que [imilis fit dato alteri
arallelogrammo.
- Ad datamreGtam AB fit applicandii,
parallelogrammum zquale retilineo
" C, &excedens re@am AB parallelo-
"gramo fimiliipfius D.Superre&acrgo
EB dimidia ipfivs AB fiat parallelogrd-
mii cuiufvis magnitudinis,dummodos , ,, ¢
-fimile fic iph D (imiliterque pofitumr; -
fiatque rurfus parallelogrammum GH
ﬁmxlc eldem D, zqualehero ipfis EF bas t
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~moni PQR; ideoque ctiam re&i

\

\)’

O

' &Cfmul (aumptis; habeatque angulu

EKF communem cum parallelogram-

*mo EF. Completisigitur parallelogri-
“mis OF, GB, NL, cum GH fit pofitum
- @qaaleiplis EF & C fimul fumpus, ab-
lato communi EF, gnomon PQR ipfi
' Cerit gqualis. Etquia ob; bafeszqua-

les czqualia luntOE& G B, zqualia

-itemdcom plementa GB3¢ BH, i loco
.pfins BH {ubRituatut 2quale QE, eric

parallelogrammum AM zquale an-

inco
.C.Quatead re@am AB applicatum eft
parallelogrammum AM, zqualedato

" re@ilineo C, excedens reGtam AB figu-

ra parallelogramma NL, quz ﬁmlhs :
‘eft dato patallclogrammo D, cum fir

" sirca eandem diametrum com ipfo EF,

quo&
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durtid pofiturh eft fi fimileipfi D. Addata.‘

ergo reftam &¢.
Propofuo;o Problé.'ld.

Datam lmmm rectam extremsa acme-.

~ - dia rammﬁure .
A ¢ B Redta ABita
T 7T fecetarinG, vt

,rc&angulum ﬂ.b ctota AB & fegmé- 4 178 S

to BC, fit xqualcquadtazo alterins feg-

“menti AC; eritque ‘re@aAB fecta ex~

trema & media ratione: ‘nam érit ficut
AB,adAC,ita ACad CB. b

.- Ptopo 3N - Thcorc. ot

I rec‘hngult; trmrzgulz: ﬁg/m: ueuis

SAper lusererectum angulum Jubten-
o dente, aqnalis el figuris, que priors.

illi fimiles, & (imilster pofita fper

L latertbus reilum angulm continen-

- tibus deferibuntwr.

“In triangulo A BClaras BC fubten-
datangulum retum BAC,& fuper BC
de(cnpta fiv fignra s queuis. pura CD,
cMﬁmlles & mmlltcr polita fiut AE®

- AF

-

.;,
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AF, fuper lateribus angulum reGom
continentibus. Quiaergo tres omnes
figurg funt fimiles, erunt in duplicata
ratione laterum & homologorum; in
quactiam ratione effcut- quadrata eo-
rundem laterum ; fed quadrata fuper
' o AB AC eflem
, &qualia ¢ qua-
~ ' draro ipfius B
-"C, ergo etiam
F figurz fimiles
fuperij{dé AB
A ' AC,{untgqua-
D . ‘ lesipiCD. In
rectangulisergo triangulis &c.

. Propofi.z2. Theor. 22, -

i duo triangula babentia duo laters
Auobus lateribus proportionaliaadv-
mum angultim componantur, sta vt
latera bomologa fintparallela, reli-
qua lasera.in direitwm erunt confli-
tuta. :

Duo tiiangulz ABC,DCE habentia la-
tera propostionalia, hoceft vt ABad
v AC
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A ~ AGC,ita'DCad
: - - - DE, CQmpo-.
nantac.2d c6-
fituédom an-
~g gulumACD

B oG ﬁntquvtian-
tecedentia AB.DC, quany confequen-
tia AC,DE parallela.Dicoreliqua lave-
ra BC,CEiacere indirectii, Quia enim
reta €D  caditin parallelas CA; ED;
erpnt s anguls: alterni D & DEA 2qua-#29. &
lés, zquales item BAG, & ACH cum -
etiam re&ta AC cadat in pp.talldqs AB
&DC; zquales ergo funtanguh A&
D,cum eidem rertio ACD oftenfi fint

cquales; & cum circa eos latera fint
proportionalia, zquiangula funt 5t5is- 4 4, ¢,
gula ABC,DCE;anguliergoB & BCF
funt &quales; additis ergo zqualibus
A8 ACD, pareseruntduo anguliB &
A, duobus DCE, ACD, fiuetoti ACE:
rurfufque addito communi ACB, erfit
duoanguli ACB, ACE, pares tribus A,
B,& ACB;fed hitres zquales fant duo-
bus tectis, cideoque BC & CE Jiacent
in dire@uam. Si ergo duo triangula. -

33. 1.
" R

P_to-
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- . Propo.33. Theore.2;. |
I aqualibws circulis anguli ednidem ha~
bent rationem cum peripherifs quibus
infiftunt, fine ad centra fiue ad peri-
~ pherias conftituti infiflans. Eandem

~ infuperproportioncss bhabentféciores,
quippe qus ad censra confiflunt,
A D

Sint zquales circuli ABC DEF,

_ "quorum centra G & H;& arcabus BC,

EF infiftant ad centra anguli BGC,

~ EHF. Dicé hosangulos efleinter fe vt

- arcus BC & EF. Nam {i arcus BC,EF,

¢ 37.3. fontzquales,azquales funtanguli BG
: C,EHF. Quarefi alter arcus efler-ma-
for, puta BC,aut'minor; maior quoque

"+ Tantminor effet angulus BGC qui EHF,
bifs 5 & fic quoque ericin & zquemultiplici-
"7 bus; funtergoanguli BGC, EHF,Geue

- ~ arcus
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A D -

arcus BG, EF.
Eodem modo probabitur angulos

A & D qui infituntad ambitum,efle v¢
funtijdemarcus. = ¢

- Denique fe&or re&tisBG,GC & ar-
cu BC comprehenfus, eft ad fe&orem
E HF, ficut arcus BC ad arcum EF,
Namfi arcus funt ¢quales, zquales
ctiam etunt ¢ du@z re@z BC EF; & an- ¢ 3% 33
guliad centrad G & H, & totatriangu- , .
Ia¢ BGC,EHF 2qualia, zqualesitem ¢ 4. 2.
portiones circulorum quas auferuntf £t
re&z BC,EF,quare & fetor BGC pat °
eritipfiEHF; quod fi arcus BC maior
effet iplo EF, cztera omniaeffent ma-
iora incircule ABC, iminor, minora;
& fic quoque erit g in zquamultiplici- £ ¥ 5 ¢
bus: elt ergo fetor B.G B, ad fe-
&orem EHF, ficut arcus BC adarcum
EF. In zqualibus ergo &c,

.« - R Corel-
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" .. Corollarium,

. Hinc manifefinm quogue cii fic efie fe-
Lorem adfeilorem, ficwt &i? angsulusad an-
guinm s cum virague properiio eadem fit
proportioni arcus ad arciim ; quare exin-
ter fecedem fume. ~ . "

FINTIS.

4D MarorREM DE]
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