Notes du mont Royal

WWw. notesdumontroyal com (o

Cette ceuvre est hébergée sur « Notes
du mont Royal» dans le cadre d’'un ex-
posé gratuit sur la littérature.

SOURCE DES IMAGES
Google Livres



EVCLIDIS ~
ELEMENTORVM
- LIBRI SEX
PRIORES,
Quorum deméftrationes tuiri
alibi {parfim, tum maximeé
libro quinto ad faciliorem
- captum accommodauit
(AROLVS MALAPERTIVS
Montenfis ¢ .S‘ocietqte' IEsvy.

o
<87

TYpis ﬁ.AfL'rA ZARIS BELLERE
y fub Circino Aureo _

ANNO 1620.

RS | L






"IVVENTVTI
MATHEMATVM STVDIOSAE

In Academia Duacenfi.

Mit) Abetis ad manum, Inpenes o natiffi-
A ) iy Enolidis Elementafexpriora , boc
;. % & ¢ff Geometrig . atque adeo Mathe-
 matum omnium fundaments : in
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‘omnems Mathematice partem vim habere am-
Rbs(fimam cernerem, nen dubitani quin proxime
CHIR Primiis natura pronuntiatis cobarerent, ea-
queproinde nowa methodo adprimaflatim princi-
pia rewocasi, & quibus minimum difeefiffent .
Quid enim astinebat per Multiplicium, ¢ proba-
tionum flexus Tyronem circumducere, fi propofitis
clare serminorum wotionibus ad ipfam quampri-
msums veritatem magna compendio poterat pene -
trare? Hocfane confslinm meum vtvt accepiant
aly, vobis tamen Auditoribus meis vfis ipfo facile
probaturim effe confido. Satss vero amplum mibi
theatrams eflis;neque alind propofitum fuitin boc
- opere recudendo, quam veflris feruire commodis,
O cam, que mibi obtigis,Spartam ornare pro i-
réli; adcaseros fiquid manabit emoluments , po-
watur in lucro.Vos interim,vti [pero,laborem hiic
mienm, animum cerie veflre viilitatis fudiofif
Jimum aqui bonigue aonfalesis. Valere.

-
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Tua intererit, amice Le&or,precipua Ty-
pographorum errata ad calcem libri no-
rataprzuidifle:leuiora facile emendabis,
ctfinullus moneam. 3
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 LIBBR I X
Definitiones.

-1 Pun&um eftcuius parsnulla.
z Linea longitudo latitudinis expers.
3 Linezextrema funt punéta. .
4 LineareGacft quz exgquo fuis pun-
&is, feu extremisipteriacet: Sine, cnins
extrema obsmbrans omnia media.
5 Superficies ¢t quz longitndinem td-
tum habet, - ) o
6 Superficici extrema funt linez.

7 Plana fupesficies oft que ex ¢quo fuis - .

extremis ineerijcicnr.
g 8 Planus angu-

A )
\ \\\\\‘\\\ lus eft dnaqim.
‘ ® linearum in pla-
M\ na fuperficic fe

C D gangentiom, &
non in dire@um iacentium, alterius ad
alteram inclinatio. . :
v# plansus angulus st E F G quia is plana
Juperficse ABC D linea€ FG F, fesane
gunt inpunélo F, ¢ noniacent in direllum
Juenon efficiunt unam vestam lincam, fed
ad fe mmiwo inclinansur , vs conflrisint an-
gWumEFG, . _
N ) B 9 Re&i-



3 LIBER 1.

9 Redilineusanguluselt qui redisli-
neis conftituitur, ‘
10 Quando certa

A fupc? certam co-~
fiftés ¢quales ve-
timque angulos
: fecerit, retuselt

C D vterque angulo- .

rumaqualium » qez autem alteriinfi-
ttic, dicitur linea perpendicularis. -
Siclinca A B iufiffens ipf C D of cidem
perpendicularis.quia angulos gui funt dein-
ceps ABC, AB D efficis aquales, & veer-
gue angulus idcirco off yeiius,

11 Obcufus angulus e, qui maioreft
reo. :

B A 1Y Acutﬁs, quire-
YA &o minor. Ut ob-
- tufus anguins est A

' BC maior veflo € B

< B b C, acutus vero & re-

&to miner est A B D.
13 Terminuseft quod cuiufque eftex-
tremum.

14 Figuraeft que fubaliquo, autali-
quibus terminis continetur, -

] : 15 Cic-



LIBER L 3
15 Circuluseft fi-
P NG guravnicz linez

n termino contene
A ¢ ta, quam circum-
" . ferentiam feuam-~
' - bitum dicunt; &

o ad quam lineam

“exaliquo pun&o intra contento om-
neslinez funt gquales.
16 Pun&um autem iilud diciturcen-
trum Incivenlo ABC Fcentrum et D,
ex quo linee D A, D B, D.C ad ambisums
dulle, &8 omnes alie funt egmales:
17 Diameter circuli elt recta per cen-.
trum adta, & ad ambitum virumque
terminata. Cuiufmodieit AD.
18 Semicirculus eft figura comprehé-
faddiametro & partecircumferentiz,
quz diametro clauditur. vz AB (.
-v9 Segmentum circulieft,quodd re@®a
linea & circiiferentia continetur, quale
eSIEFG. |
20 Redilinez figurzfunt qua redis
lineis continentur, Trilaterz que tri-
bus, Quadrilater® qua quatuer, Mul-
tilatesz quz pluribus.

Ba ar Tri-

»



4 LIBER I

A 21 Trilaterarum autem
figutarum Triangulum
zquilaterum eft, quod
tria latera habec zqua-
lia . Quale ¢ft criangnlum

B e LT
. D 22 Ifofceles feu zqui-
crus aut aquicrurum,
quod duo tantum latera
. auterura habet zqualia.
E ¥ QualeeStiriangulum DE
- F, inquoduotarsamlatera

‘D E, D F funt agualia.
23 Scalenum trisguli
- eft quod omniatriala: -
" tera -habet inequalia;
G nwGHK

A 2y Rc.ﬂ:angulum trian-

S gulum et quod continec-
angulum re@um. Tale eff
A BC inqso anguins Best

C B reflus,

25 Am-




LIBER I s

» . . 2¢ Ambligoni&i
\ feu obtufangu-

: lom, quod angu-
E R 13 habet obtusi.

- Taleeff DEF iy quo angslus E eff obsufus.
G 27 Oxygoniil fen acu-

- tangulum quod tresa«
gutos habec angulos,
Qualeeff GHI. '

H -1 :
A g 27 Inter Quadrilate-
" ras Quadrati et,quod
_equilaterum eft & z-
{ quiangulum,feu quod

& latera & angulos ha.
< D berzqualia.vr 4BCD.
Y e F 28 Alters pane
‘ { longius figura eft

z zquiangula quidé,

atnonzquilatera:

¥ kg 29 Rhombus eft'fi-
gura zquilatera non
tamen =zquisngula :
K LM

B3, 30 Rhom



6 LIBER 1

o 30 Rhéboides qua

oppofita latera &

' angulos ¢quales ha-
QL R bet, nontamen aut .

omnia latera aut

omes angulos habet ¢quales OPQR.

e § & Aliz vero figurz

quggunque quadri-

laterz vocetur ’1_:1'3-

ezia. Qux irregu-

ke Y l}:zres [un?\&inﬁmgrq.
STYX &c.

A . p 3t Parallelzlic

———  nezf{untquzin

< (] eodem planoe-

Xiftentes, produétz ininfinitumneutra -
in partem coincident. Sew que parivbi-
gue fpatiointer ¢ diffant vt linea AB,CD.

H ¢  Darallelogra-
! - mum vero eft
| figura quadrila-
' - tera lineis pa-
P 3 E rallelisdefcrip-

ta. Ut fignra€ FGH est parallelogram-
mamquia deferibinwe lineis EF, G Hpa.-
vallelis, &8 lineis E G F oA fimiliser paral-
belis, '
’ P Oﬂﬂf



LIBER I 7
‘ Poftulata.

1 Petitur 3 quouis puncto ad aliud
quodfibet retam lineam ducere poffe.
2 Terminatam & refam lineam in
dire¢tum & contintumprotendere.

3 , Equouis centro ad quoduis intet-
uallum cicculum defcribere.

Communes notiones fm
Axiomata.

T Quz eidem funt¢qualia, & inter
- fe fun zqualia, ,

2 Sizqualibusaddas aqualia, totae-
runt 2qualia. , ,
3 Siab zqualibus demas zqualia,
quz remanent erunt zqualia,

4 Siingqualibusadijciantur ¢qualia,.
tota erunt ingqualia. ] )
s Si ab inzqualibus tollantur ¢qua-
lia, quz remanent erunt inzqualia.

6 Quzeiufdem dupla funt, interfe
{unt zqualia. ]

7 Quzeinfdem funt diuvida funtin.
ter fe zqualia. '

8 Qu= mutuo fibi congruunt, func

B4 =zqua-



8 LIBER I.

zqualiainter fe. .

9 Totum et maiusfua parte.

10 Omnes anguliredifuntinter feg-
quales.

B 1T Siinduas
— rectas  re@a
.. incidés angu-
losinteriores
F D & ad cafdem
pattes duabus recis minores fecerit,
coincident duw ill¢ lineg, ‘protra&z in
illam partem , ad quam {pe&antduo
- anguli minores redis. Ut fiin reflas A
BC D, cadens refla E F faciat angslosin.
teios & adeandem parsen: AEF EFC
mineres dwabus reclis,coincident ille lineg
protratieverfus partems AC,
. 12 Dugrets fpatiumnon comprehé-
dunt. ' ‘
23 Partes omnesfimul fumpte fuoto-
ti funt zquales, & totum zqualeeft
fuis omnibus partibus.
Prepofitionum alie faciendum alind pro-
ponunt, & vocantwr Problemasa,alie con~
Siderandum aligmd & contemplandnm,
qwe Theorematainfcribmnsur.

- Nota.



LIBER I 9
"Notarum in margine fignificatio.
eAx.11. fignificat axioma vndecimum.
@ fis de religuis. :
10 def 1. figyificat decimams definitionems
libri prim:. * -
15 1. boc ¢St propofitio decima quinta li-
briprimi,
Conit. hoc est ex conStraclione. byp. ex:
bypothef.

Propofitiones

Propofitio 7. Problema r.

Super datd recla linea terminatatrian.
gwlum aquilaterum conflitacre_.

c - Sit data.
- " re@ta A B,
A | Centro igi-

D E tur A,fpatio
' A B defcri-

batur circu-
lus BCD, & centro Bfpatio eodem du-
catpr circulusalter A CE priorem fe-
cans in pun&o C, iunganturque certz
linex CA,CB, & faétum eft quod pro-

‘poni-
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6 LIBER L.

‘ponitur , Nam latus AC cum fit femi=
diamcter eiufdem ctrctli B CD cuila-
lateri AB eidem 4 AB et zquale, & la-

.tus BCcumeodem AB eft femidiame-

ter circuli ACE,c®t ergo B Cipfi BA ¢-
quale.Cum ergo AC & BC eidem ter-
tio ABf{untxqualiab pariaquoque e-
runtinterfe , ac proinde omnia latera
trianguli ABC funtzqualia,

Propof. 2. Problem. 2.
Ad dasum puntlum date reile lince

qmdem rectamponere_.
H Vead da-
tum punéi
A ponatur
recta zqua- -

lis ipi BC,
ducatur im-
primisrecta
AB,& (uper
: C caflatatrid,
gulum zquilaterum A BD," lateribus
DA, DBin dire&tum produéis. Inde
centro B fpatio BC fiat circulus CEF,

-& centro D fpatio DC circulus CGH.

erig-



LIBER L 131

“eritque res pera&ta. Nam ad punétum
A pofita eft re®td AG zqualisipfi B C;

quandoquidém hx .duz re&z additis.
xqualibus BD & AD fiunt zquales fe- .

midiametribcirculi C G H. Suntergo
reGtz AG & BC zquales.

Propo. 3. Proble. 3.
Datis rectis lineis inaqualibus de maso-
| reminoripmremanferre.

Vireéte Aex
‘maiore BC .z~
qualis  aufera-
tur;ad punétum -
B ponatur BE
aipfi A zqualis.
@ Mox centro B.

bs.def 1,

-

2.3

fpatio BE fiat circulus DEF, eritq;ab- .

fcifa BD ipﬁ A zqualis; nam vtraque
ipfi BE et zqualis, A quidem ex hypo-

tefi, BD autem quia eft einfdem circu-

li femidiameter.

Pro-



12 LIBER I
~ Proble. 4. Theorema 1.

"

/

Duorum triangulorum [i latus vnum
wni; b altersm alieri fit equale, an-
guliq inter illalatera contenti finte-
tiams pares; evunt ¢ bafes aqua lesy
ipfatotatriamgnis: fed & reliqui an-

) uli reliquis angulis paves erunt qui-
| %amgualia latera fubtendantur.
: k Ve i in
S . /D ~ triangulis A
/ \ BC,.DEF
' " latus AD,
Y o B E N N

‘ F - ateriDE;&
ACalteri DE, fit zquale ( quod dicere
folet interpretes alterdalteri latus-effe

aquale, vel vtrumque verique ) fimul-

Que etiam pares anguli A & D di&tis.
lateribus contenti; Dico bafim BC,bafi

EF effe zqualem, & cztera confequive

eft propofitd.Nam fiintelligamus ttii-

. gulumtriangulo {uperponiitaveangu-

‘lus A congruat angulo D, congruent

et.ax. alatera A B,A C, lateribusDE, DFy
: ~ alterum alteri, cuinempe et zquale.
Sed congruent etiam bafes, ideoque e-

runt,




W

#e-
"0
4

qm-

] in
lisA
YEE
\ b,
E,&
icere
s effe
nul-
Jictis
bt
wive
¢tide
ngu-
nent

DF -

)310-
1€6-
-unt

riit zquales, cumenim pun&aB& C,
caduntin E & F,re@a B C,cadevin EF:

alias puncéta extcema B & C non ob-
umbrarent bmedia, contra definitioné P44
linezx certe,

Propo.s. Theore. 2.
Trianguli Ifofcclis anguls ad bafim funt
paresifi aqualia latera producaniuy
pares qmog; erwmt anguliinfra bafins.

In triaugulo ifofcele A B C, latera
AB, AC, producantur ve lubet, fum-

~ ptaquere&ta AD,vecunque, zqualisilli

a capiatur AE lunganturg; reétz, CD, <41,
BE. Nuncquia triangula ACD, ABE,
{ quz clarwtatis caufa excractafunt ex

, 7 media
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mediafigura,& ad latus pofita) (e habét
iuxta prop. 4. eftenim AGipfi AB,z-
qualisex fuppofitione & AD, ipfi AE
ex conftrudione,angulufg; A lateribus
illis cotentus et comunis.Ob hzcbin-
quam bafes DC,& BE, funt pates, ité-

. queangulus D angulo E, & angulus A

CD'angnlo ABE.Rurfusin medii figu-
ra criangula BCD,BCE, fe habent iux-
taprop.4. Suntenimanguli D,& E, =-
quales & zqualibus lateribus conten-
ti; cruntigituranguliinfrabaim DBC,
BCE,¢quales;itemque anguli BCD,E
BC:& quiatotusangulus ACD,often-.

fuseft zqualis toti ABE,ablatis pari-

bus CBE,& DCB, qui remanent {u-
pra bafim funt ¢qnales. Trianguliigi-
wurifofcelis &c. :

Propo.6. Theore. .

Sitrianguli due anguli fuerint equales ;
erunt ¢ latera angulis fubtenfa ¢-
qualia.

Intriangulo ABC figqualesfuntan.

guli B & C,erunt ctiam latera AB,AG
~ dubtenfa di@isangulisinter e zqualia.

Nam
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Nam fi negas efle zqualia; firalterum
maius, puta AB; ex quoaunferaturre-
& BD,ipfi AC mqualis, ducaturque
1ecta DC.Nuncvero cumduo rrisngu-
la ABC, CBD,habeant latus BC.com-
maune, & altera latera BD, CA, fint 2-
qualia,angulufque B,lateribus conten-
tus, it cothmunis erit ¢ tridgulom D8
C,tridgulo A B C,hoc eft totuma parti,
equale, quod fierinen potelt, Siergo
trianguli &c.
- A Cauertit hec pro-
D pofitio priorem par-
tem [uperioris nam
ibiexqualitate late-
rum AB,& AC,col-
B € ligebatur zqualitas
anguloril {uprabafim BC , hicverd,vi-
ceverfo ex zqualitate diGorum angu.
lorum colligitur zqualitas latcrum,
Soletantem Euclides eas tantum pro-
pofitiones conuertere, cum ad proba-

tionem [equentium vtraque propefi-

tio et adhibenda, hoceft tam conuer-
teas gnam conuerfa.

Pro-

&
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Propo.7, Theore. 4

Super certa linea dullis ad quoduis
unilum duabusreclis non ducentur
Super cadem ad aliud punctum ver-
Sus eafdem paries dua ali, ficvs que.
ab eodem termyno incipiunt, Jint a-
guales.

Super re@ta AB, du@isad pundum
'C, duabusre&is AC, BC, ducanturfi
fieripoteftaliz dug AD, D B,ad alind
punétum D, itave CA, ipfi DA, ¢qua-
lis fit, cum qua habet eundem termini
A& CD, ipliDB, ducaturqueinfuper
re&ta CD:quiaigitur AC, AD, funt ¢-
quales, erunt s anguli ACD, ADG, in-
terfe ¢quales;maior eric ptoinde augu-
lus ADC, anguloBCD, & multo ma-
c " iorangulus CDB;niic

D verd }uia CB,ponituc
zqualis ipfi DB, erit
angulus b CDBl angu-
lo BCD, ®zqualis, qui

A k tamen ante erat ofté-
fus multo maior, non ergo dudte {unt

Aingzquales priotibus. Quod fuic.de-

man-

A
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imonftrandum,

Poflecalibi confritui punéuim Dad

17

quod ducuntui linez pofteriores vt in=

tratriangulum ABT,velinalteruttoes

iuslatere; fed eadeth demonftiatione

facile probabitur lineas pofteriores

numquam pofle effe gquales priotibus,
- Propo.8. Theore. 5o

Si duo triangula duo latera duobus bate-
#ibus alterum alers aqualia habué-
rint, & bafim bafi ‘aqualem ; bhabe+
bunt etiam angulum lateribus con-

tentum aqualem.

E

~ Intriangulis ABC, DEF, fintlaterd
AB,AC,ipfisDE, DF,¢qualia, itemque
. bafis BC,bafi EF. Quod i negas angu-
losA & D, lateribus' contentos pares

s

efle, int_elligatur triangulurﬁ ABCrriz-

gule DEF,(uper‘p‘opi,_tunc

verd necef-

C

faris
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_lum zquilaterum BDC, aucatoréIuc

18 LIBER I

farid pun&um A,cadetin D, & fican-
gulusangulo congruervevult propofi-
tio: nam (inon cadecet in D, fedin G,
aut alind pan&um,tunc duzredz dua-
bus rectis zquales ducerenturad aliud
puné@um, &c. quod et contra prece-~
dentem . E5F conmertems prime pariis
propof- 4.
Propo. 9. Proble. 4.
Datum angulum reclilinewsm fecare
" bifariam.
: Sumatorre-
&a AB, vtin-
. bet,& iph par
AC, ex lateri-
bus datiangu-
liBAC, nec
_ non fuper du-
Gamredam B
C.fiat'triangu-

reda A D,per quam angnlus BAC, di-

- nidetur bifariam: ram AB, AC, zqua-

les funt ex con@®ru&ione, & AD com-
munis, edqueinfuper bafis BD, bafi C
D,zqualis, funtaergo angulipAD, C

: A D,

J




frcan-
topofr
dinG,
Y2 dox
ad alind
2 prece:

3¢ pand

) fecart

yatar i&

B, viloe:

c iph P
ex latetl
ariang®
C, e
sper di
edam B
- triang?

atorgse

3AC, d
C, 2quE
D com
), bafiC

AD,C
B AD

AN

LIBER 1 19

- AD,zquales;quareangulus BAC, divi-

fuseft bifariam. Quod erat faciendum,

~ Propo. 10. Proble.§.
Datam reclamfinitim fecare bifariam,

Cc Super re&a AB, fiat
tridggulum gquilaterum;
* cuinsangulus ACB, di-
uidatur bifariam per re-
&am CD, & refla AB;
A D F g pun&o D bifariam
guoque fe&a erit: Nam griangula CA
D, CBD, {e habentiuxta 4.prepo. Ex-
gobafes AD, DB, funtzquales,

Propo. 11. Prcble. a. ‘
Ex dato punclo in linea reclaperpendi-
, cularemexcitare.

Inre&ta BC,
detur punétum
D, fumptique
pro atbitrio D -
B, fumatur -2~
qualis DC, inde
{uper B C Rru-
&o triangvlo z-,

C 2 quila«




. D,zqualis, funtaergo angulipAD,C
, AD

1 ‘LIBER 1.

farid pun&um A,cadetin D, & fican-
gulusangulo congruetvevule propofi-
tio: nam finon cadecet in D, fedin G,
aut alind pan&um,tunc duz redtz dua-
bus recis zquales ducerenturad aliud
pundtum, &c. quodeft contra prece-
dentem . &% conmersens prime pariis
propof- 4.
Propo. 9. Proble. 4.

~ Datum angulum reclilinesm fecare

bifariam.

Sumatnrre-
&a AB, velue
‘bet,& ipfi par
AC, ex lateri-
bus dati angu-
liBAC, nec

_ non fuper du-
&am te&tam B
C,ﬁat/triangu-

/N

_lum zquilaterum BDC, aucatorc'lue

re&a A D,per quam angnlus BAC, di-

- uidetur bifariam: ram AB, AC, zqua-

les funt ex contru&ione, & AD com-
munis, edque infuper bafis BD, bafi C
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| AD,zquales;quarcangulus BAC, divi- -

fus eft bifariam. Quod erat faciendum,

Prope. 10. Proble.§.
Datam reclam finitam fecare bifariam,

C  Super re&a AB, fiat -

triggulum g¢quilaterum,

¥ cvinsangulus ACB, di-

uidatur bifariam per re-~

&am CD, & refa AB;

A D B g, pun&o D bitariam

guoque fe&a erit: Nam griangula CA

D, CBD, fe habentiuxta 4. prepo. Er-
go bafes AD, DB, funtzquales,

Propo. 11. Problc. é.

Ex dato puntlo in kinea reila perpéndi-
cularemexcitare,

Inre&a BC,
detur pun€um
D, famprique
pro arbitrio D
B, fumatur -z-
qualis DC, inde
{uper B C ftru-
&o triangulo z-,

C 2 quila«




VA

. lum zquilaterum BDC, ducatorque

. D, zqualis, funtaergo anguliBAD, C
. AD

8 LIBER I
fario pun@um A, cadetin D, & fican-

‘gulusangulo congruet vevalt propofi-

tio: nam [inon cadeset in D, ledin G,
aut alind pan&um,tunc duzre@ 2 dua-
bus rectis-zquales ducerenturad aliud
pun&tum, &c. quod eft contra prece-
dentem . E52 conmertens prime pariis

propof. 4.

Propo. 9. Proble. 4.

- Datum angulum reclilinenms fecare

) bifariam.
Sumatnr re-
&a AB, vtlu-
‘bet,& iphi par
AG, ex lateri-
bus datiangu-
iBAC, nec
. non fuper du-
Gamreftam B
C,ﬁat/ttiangu-

re&a A D,per quam angnlus BAC, di-

- nidetur bifariam: nam AB, AC, zqua-

les funt ex con@tru&ione, & AD com-
munis, eddue infuper bafis BD, bafi C
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~ AD,zquales;quare angulus BAC, divi-

fuseft bifariam. Quod erat faciendum,

Propd. 10 Proble.5.
Datam reclamfinitam fecare bifariam,

C  Super re&a AB, fiat -

trifigulum ¢quilaterum,

* cuinsangulus ACB, di-

uidatur bifariam per re-

&am CD, & rela AB;

A D By, pun&o D hifariam

guoque fe&a erit: Nam griangula CA

D, CBD, fe habentiuxta 4.prepo. Er-
go bafes AD, DB, funtzquales,

Propo. 11. Prcble. a.

Ex dato punclo in linea recla ]Jerpéndi-
cularemexcitare,

Inre&ta BC,
detur pun&um
D, fumptique
pro arbitrio D
B, fumatur -z~
qualis DC, inde
fuper B C ftru-
&o triangulo z-,

C 2 quila«
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lum zquilaterum BDC, ducatorque
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, ;
farib pun&um A,cadetin D, & fican-
gulusangulo congruet vevult propoli-
tio: nam ({inon cadetet in D, ledin G,
aut alind pan&um,tunc duz re&t2 dva-
bus rectis zquales ducerenturad aliud
pun&um, &c. quodeft contra prece-
dentem . & conmertens prime pariss

propof- 4.

Propo. 9. Proble. 4.

" Datum angulum reclilinesm fecare

2 bifariam.
- Sumatorre-
&a AB, vtlu-
‘bet,& iph par
AC, ex lateri-
bus dati angu-
liBAC, nec
_ non fuper du-
&am re&am B
C.fiat triangu-

re&a A D,per quam angnlus BAC, di-

- uidetur bifariam: ram AB,AC, zqua-

les funt ex contrutione, & AD com-
munis, edque infuper bafis BD, bafi C

. D, zqualis, funtacrgo anguliAD, C

AD,
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LIBER I 19

AD,zquales;quareangulus BAC, divi-
fus eft bifariam. Quod erat faciendum,

Propo. 1. Proble.5.

Datam reclaminitam fecare bifariam,

' C Super rea AB, fiat -

tridggulum ¢quilaterum,

* coinsangulus ACB, di-

uidatur bifariam per re~

&am CD, & refa AB;

A D By, pun&o D bifariam

guoque fe&a erit: Nam triangula CA

D, CBD, fe habentiuxta 4. proepo. Er-
go bafes AD, DB, funtzquales,

Propo. 11. Prcble. a.

Ex dato punclo in linea recla pefpé}zdi-
cularemyexcitare,

In re&a BCy
detor pun&tum
D, fumptique
pro atrbirio D -
B, fumatur -2~
qualis DC, inde
fuper B C fru-
&o triangulo z-,

C 2 quila«




WA

 lum zquilaterum BDC, aucamrq\xe

. D,=qualis, funtaergo anguliBAD, C
. AD

18 LIBER I

farid pun&um A,cadetin D, & fican-
gulusangulo congruetvtvalt propofi-
tio: nam {inon cadetet in D, ledin G,
aut alind pan&um,tync duzredtz dua-
bus re&is zquales ducerenturad aliud
pundum, &c. quodeft contra prece-
dentem . E5T conmersens prime pariis

propos- 4.
Propo. 9. Proble. 4.

- Datums angulum reclilinesm fecare

bifariam.
: Sumatnr re-
&a AB, vtlu-
‘bet,& iph par
AC, ex lateri-
bus dari angu-
iBAC, nec
. non fuper du-

Gamtedtam B

C,ﬁat/ttiangu-

re&a A D,per quam angnlus BAC, di-

- widetur bifariam: pam AB, AC, zqua-

les [unt ex con®tru&ione, & AD com-
munis, eitque infuper bafis BD, bafi C
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AD,zquales;quareangulus BAC,divi-
fuseft bifariam. Quod erat faciendum,

4

Propo. 10.  Proble. 5.
Datam rectamfinitam fecare bifariam,
. € Super re&a AB, fiat -

tridggulum ¢quilaterum,

* cuinsangulus ACB, di-

uidatur bifariam per re-

&am CD, & redia AB,;

A B inpun@o D bifariam

guoque feda erit: Nam triangula CA

D, CBD, {e habentiuxta 4. propo. Et-
go bafes AD, DB, funtzquales,

Propo. 11. Proble.s.
Ex dato punclo in linea rectaperpendi.

cularemexcitare.
Inre&ta BC,
A 1 detur punétum

D, fumptique
pro atbitrio D -

B, fumatur -z~
qualis DC, inde

— fuper.B C ftru-
&o triangulo z-,

C 2 quila«
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quilater BCA; ex A, ducatur refta AD;

.8 hzc erit ad angulos re&os ipi BC;

N3 latus DB, zquale eft ipli DC,ex ¢6-

. ftra&ione, & latus DA, comune bafis

5. 1. infaper,BA,bafi CA,¢qualis;sit acrgo

b.1o. df 4, anguli AD B,ADC,zquales,ac proinde
" re@i &plaAD, b perpendicutlaris.

Propo. 2. Probte. 7.
A dato extrareclam punilo perpends-

. cuwlarem ducere ad eandems reciam.

Detur pun~

., Gum A, quo
. centro , {patio
quocung; du-
catur circulus

' _ dummodo fe-
- cetream BC,
S & f{uper par-

tem abfciffam BC, fadto triangulo
ABC, eademB C, diuidatur bifariam,
ducaturque recta A D; & hzc ¢adem
erit perpendicularis,du&a ex A, adre- -

, &mBC.Namquiain triangaulis ABD,
ADG, zquales funt AB, ~AC;eiuldem
circuli femidiametzizqualesitem BD,
DC,ex conftrutione 86.AD comunis,
. angu-
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anguliADB,s ADC, erontzqualesac 4,
proindereéti ideoque recta AD, per- .
_pendicularis. i
. .. Propafitio i3. Theore. 6,
Rella fuper reclam confiflens aut Auos
- yeclog asit Anobws rectis aquaies angu-
* los facit,
B A Nam reQta .
. -, AB, confiftens
. fuper CD, aut
~facicvirimque
. o zquales angu-
b los, & proin-
. c - ® : nd,e rectos; aut
inzquales,& tuncex punéto B, excire-
tur perpédicylaris BE,quiajgiturinan-
gulo ABC,continebacur vnus re@usE
BC,&infuperangulus EBA,quiciian-
,‘ gulo ABD, facit alteri redtpm; & re-
©a AB, conftitucbat angulos ABC, A
BD, zqualés duobus redtis, -

\

.PfOE \ \
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iof intérno & oppofito CBA,vel BAC;
latos.enim AC,bifecetur in E,ducatur- .
§qu€ BF, ita vt EF" 2qualis fiatipfi BE,
iungaturg; re@a EC, quz erit zqualis
ipi AB: nama duo latera EB,EA,z- -
qualiafunt duobus EF,EC, & angu;
li confentigqualesad verticem; Trian.

_gula ergo AEB, FEC, fehabensiuxta

4-propo. & bafis FC,bafi AB cft ¢qua-
lis, angulus item BAE, angulo ECF;
fed hiceft pars anguli éxterni ECD, i~
deoque minor,quare & angulus BAC,
minbreft externo ACD, )
) A“ X VA e, Ql‘od
Gemees AN e+ filatos B
v AN 3 G, bife-
- getur in’
p Eproda.
&o lace-
- re AG;in.
G, &re-
liqua fic

\Y v prius
o . ¢odé mo-
do monftrabitur angulum BCG, &
proinde angulom ACI¥,qui evhuicad

 Ysitiogm, maioremeffe angulo ABC:

Om;

AN
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Omnis igitur &c.
- Propofitio 17.  Theore. 10.

Omnistridguli duo anguli quomodatiig;
. Jwmpti minoves funt duobus reiiss,

A Nam angulus C,
internus plus re-
quirit quam angu-
lum B,vt fiatgqua-
S , _ lis duobus re&tis;
B <€, . requirit enim an-
gulum C, éxterhum maigrem. interno
# & oppolito B; non funt ergoanguli
B;& C,internis pares duobus rectis, Si-
militer alio. latere produéto de alijs
quibn{ois deobus angulisidem proba-
bitur, O.mnis ergo&c,

Propofitio 18.  Theore.1r. -
L 1} B

Omis trianguls maius latus maiorem

. augulum fubsendst.
A Ve fitridgu-
‘ li ABC,maiug

eft latus AC,

‘lorerit angu-
lug

“a6x

" quam AB,ma- -



23 - LIBER I -
~ Propofitio 14. Pfoble. 7.

85 ad punclum inrecla linea datum due
recie nonad eafdem partes ducle an-
gwlos efficiant duobus reilis aquales,

i direltum funt ille lince, -

A / Nam fiad pii-
' &um B, ducan-
tur duz redz

g CB,BD,facien-

< tes cum recta

; T R D AB, angulosz~
quales duobusreis, & negasiacere in

" dire@um, iaceatergo BE, indireGum |
ipfiCB. At hocefle non poteft; nam
anguli ABC, ABD, erant pares duo-
“bus re&tis: non (uncergo paresduobus
rectisanguli ABC, & ABE,aliastotum
arte non effec maius; fed nequealia
ducipoteft ipfi CB, adiacens jn dire®i
nifi BD; ergo &c, RN

" Propofitioss. Theore. 8,
Sidue recla f¢ innicem [ecucrint ang-
los ad vertizem oppofites aquales fa-
pent. o
~ Re@x AB, CD, fecent fcin E,eritds
o . angu-
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2 LIBER L 23
angulus CEB, angulo AED (quidici- -

o " eucilliefle adver-
A : p ticem oppofitus)

- 'm=qualis: nam fiue
\/ AED liue CEBad-
- . iiciatur anguloin-

' /\ terie&to AEC, c6-
P © X ftituet  2quales
‘ P duobds reétis ;

- quareanguli CEB,& AED, funt gqua-

les,cum addito eodem , fantzquales.
Similis demonftratio procedet in reli- -
quis oppofitis sngulisad verticem.
- Propofitior6. Theore. 9.
Omnis trianguli quonis latere producte
 externus angulus virolibet interno
& oppofito maior eff.

A

B < b
Trianguli ABC,latere BC,produite
in D,eritangulus ACD externus ma-
' C 4 ior

e



23 . LIBER L L
~ Propofitio 14. Pfoble. 7.

8i ad punitum inrecla linea datumdue

recta non ad eafdem parses ducte an-

guhos efficiant duobus reilis aquales,
i direClum funt ille lirnce,

A . Namfiadpli-

&um B, ducan-

tur duz ez

g CB,BD, facien-

~ tes cum refa

C R D AB, angulos z-
quales duobusredis, & negasiacere in
" dire@um, iaceatergo BE, indireGum
ipfiCB. At hacefle non poteft; nam
anguli ABC, ABD, erant pares dug-
“bus re&tis: non {untergo paresduobus
rectisanguli ABC, & ABE, alias totum
atte non effer maius; fed neque alia
ducipoteft ipfi CB, ddiacensin dire®i
nii BD; ergo &c, -

" Propofitioss. Theore. 8,
Sidus recla f¢ inuicem [ecuerint angu-
los ad werticem gppofites aquales fa-
pent. -
Reétz AB, CD, focent fein E,eritd;
: A n L angu-
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angulus CEB, angulo AED ( qui dici-
S T rucilliefle ad ver-
A - p ticem oppofitus)
, ‘zqualis: nam fiue
| \ " AEDfiucCEBad-
‘ . idiciatur anguloin-
' /E‘\ terieto AEC, c-
c - ftituet  ®quales
' P duobis redtis ;
~ quareanguli CEB,& AED, funt gqua-
les,cum addito eodem, fiant zquales.
Similis demonftratio procedet in reli- .
quis oppofitisangulisad verticem,
- Propofitiors. Theore. 9.
Omniis trianguli quonis latere producto
 externus angulus virolibes interne

G oppofito maior eff.

B NS D
Trianguli ABC;latere BC,produte
in D,eritangulus ACD externus ma-
C 4 ior

7



2 " LIBER L N
~ Propofitio 14. Pfoble. 7.

8i ad punitum inrecla linea datum due
recta non ad eafdem partes duile an-
gwhos efficiant duobus rectis agquales

in divecinm funt ille lince, ‘

A - Nam fiadpli-

&uam B, ducan-

tur duz refz

E CB,BD.facien-

‘ ~ tes cum refta
i T R D AB, angulos z-
quales duobusredtis, & negasiacere in
" dire@um, iaceatergo BE,indireGtum
ipiCB. At hocefle non potet; nam
anguli ABC, ABD, erant pares duo-
“bus rectis: non funtergo pares duobus
re&isanguli ABC, & ABE,aliastotum
parte non efler maius; fed nequealia
ducipoteft ipfi CB, ddiacens jn diced
nifi BD; ergo &, e

" Propofitiors.  Theore. 8,

" Sidug recta fé inuicem fecuerint angs-

los ad verticem oppofites gquales fa-

pent. .

Re&z AB, CD, fecent foin E,erit;
T angus




: LIBER 'L 23
angulus CEB, angulo AED (quidici- °

o " eucilliefle ad ver-
A : p ticem oppofitus)

) ‘zqualis: nam fiue
/ AED five CEBad-~

. iiciatur anguloin-
r‘\ terie¢to AEC, cG-
Q - fhitnet  =quales
; P duobds reéis ;
- quareanguli CEB,& AED, funt ¢qua-
les,cum addito eodem , fiant zquales.
Similis demonftratio procedet in reli- .
quis oppofitis angulisad verticem,
- Propofitior6. Theore. 9.
Omnis trianguli quouss latere producte
" externus angulus virolibes interne

& oppefiro maior ¢f.

, D
'f:iaﬁguli ABCG;latere BC,produo
in D,eritangulus ACD externus ma-
‘ C 4 ior

i



23 - LIBER 1L L
~ Propofitio 14. Pfoble. 7.

Si ad punitum inrecla linea datumdue
recte nonad eafdem partes ducle an-
gwlos efficians duobus reitis aquales,

in directum funt ille lince,

A .+ Namfiadpi-

&um B, ducan-

tur duz refz

£ CB,BD,facien-

~ tes cum reta

i R D AB, angulosz-

quales duobusre&is, & negasiacere in

' dire&um, iaceatergo BE,indiretum
ipfiCB. At hac e(?e non poteft; nam

anguli ABC, ABD, erant pares duo-

“bus rectis: non {untergo paresduobus

re&isanguli ABC, & ABE,alias totum

atte non efler maius; fed neque alia

ducipotelt ipfi CB, adiacens in direcd

nifi BD; ergo &, o

" Propofitioss. Theore. 8,

" Siduc recte f¢ inuicems [ecuerint angu-
los ad verticem oppofites gquales fa-
pent. .-

Re&z AB, CD, fecent fein E,eritd;
- . angus
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\ LIBER I 25
angulus CEB, angulo AED (qui dici-

T " eurilliefle adver-
A : p ticem oppofitus)

,. ‘zqualis: nam fiue
/ AED iue CEBad-

. . iiciatar anguloin-
A \ terie¢to AEC, co-
c 3 ftitner  =quales
- -7 duobis reéhs ;
quareanguli CEB,& AED, funt ¢qua-
les,cum addito eodem , fiant zquales.
Similis demonftratio procedet in reli- .
quis oppofitis angulisad verticem,
- Propofitioré. Theore. 9.
Omnis trianguli quonis latere producte
 externus angulus vtrolibet interne

. Croppefito maiow ef.

A '

B ¢ D
Trianguli ABC,latere BC,produte
in Dyeritangulus ACD externus ma-
C 4 ior

Ve
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ior interno & oppofito CBA,vel BAC;
Iatas.enim AC,bifeceturin E,ducatur- .
Gu€ BF, ita vt EF 2qualis fiatipG BE,
iungaturq; re@®a EC, quz erit zqualis
ipfi ABr nama duo latera EB,EA,z- -
qualiafunt duobis EF,EC, & angus

li contentigqualesad verticem; Trian.
gula ergo AEB, FEC, fehabensiuxta

 4-propo. & bafis FC,bafi AB cft ¢qua-

lis, angulus item BAE, angulo ECF;
fed hiceft pars anguli éxterni ECD, i~
deoque minor,quare &angulus BAG,
minbreft externo ACD, ‘
N 'Ajf“ N X L R D ‘4%04
v e AN e - filatus B

AN Gbite

\ .. . cetur in
¢ p Eproda-

&o late-
- reAGsin.
XN G, &re-

G liqua fiic
ve prius
- F L codépmo-._
do monttrabitur angulum BCG, &
proinde angulom AC D ,quicfhuicad

* ¥sttioem, maioremfe angulo ABC:

N
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Omnis igitur &c.

- Propofitio 17. Theore. 10.

Omnistridguli duo anguls quomodociig;

. Jumpti minoves funt duobus reéiis, «
A_ ' Narﬁ angulus C,

internus plus re-
quirit quam angu-

. lum B,vt fiatgqua-
Jo .o \. . lis duobus reétis;
B €. .  requirit ¢nim an-

gulum C, externum mafarem. interno
# & oppolito B; non funt ergoanguli
B, 8 C,internis pares duobus rectis. Si-
militer alio latere produ&to de alijs
quibn{ais duobus angulisidem proba-

“bitur. Ofnis ergo &c,

Propofitio 8. Theore.1r.

Omnis trianguli maius latus maiorens

w6,

sugulum fubs cndst.
A Ve fitridgu-
W li ABC,maius

eftlatus AC,

"B ¢ lorerit angue

" quam AB,ma- -



$s. 1.

#16.1.

488
5. 1.

26  LIBER L
lus ABC, quam angulus C, fubtenfus

alatereminore AB:Sumaturenim AD,

“@qualisipli AB:Tuncvero quia ¢qua-

lia funt latera AB, AD, anguli ABD,
ADB,fupra 4 bafim funt pares. Sed an-
8ulus‘ADB, cltexternus & oppofitus
angulo C,ac proinde bmaior;multo er-

~ gomaior eft,totus angulus ABC,angu-

lo C, Omnisigitur triangul.&c.’

Propofitio 19. Theore.r2.
Onmsnis trianguli maior angulus masors
lateri opponitur. .~

"~ A., . Siangulus B,maiorfit
N ipfq C,erit & AC,maior
N\ <quam AB, nonenimeft
minor aut 2quoalis, nam ~
B -\ rincangulus B, effet mi-
nor waut zqualis bipfi C, eftergo AC,
maior quam AB, Quare omnis trian-
guli&e: LT
Propo. :0. Theore.s;.

Omnis_trianguli dwo latera quomodo-
cunque [umpta, relique funt maiora.
Sienim in triangulo ABC, latera A

B, BC,fimul fampta non fufit maiora

ipfo
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spfo AC, producatu: AB,fic vt BD, -
. qualisfitiph BC,
& proinde AD,
zqualis fit ip»
fisAB, &BC;
Nunc vere quia
BD, & BC, funt
N\ zqualia; erfit pa-
A ¢ rcsaanguhD&‘S L2

- BCD; maior ergo vtreq; erit totus an-

gulus ACD; fed totum hunc angulum

, -manguh ADL fubtenditlatus AD,

‘maior érgo cﬁbre&aAD( qu¢ zqualis ¢1s &

“e(t duabus AB,& BC,)quam latus AC.

Omnis ergo trianguli &c.
po. 2r. Theore.-24.

Sm serminis vwins laterss in triangulo
due reclaintra triangulum inngan-
turserunt be latmbns trianguli mi-

“mores; :Zmrem véro angulum con-
tinebu :

Vtintriangulo ABC, dico latera

. BA »AC,elle maiora rectis BD,& DC,
~ qua.intra triangulum i iunguntur in D.

Nam preduto latere BD, inE, latera

BA, AE, manguhBAE,maxora 4 fuut cio &

iplo
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ipfo BE; Addito ergo comuni EC,ma
: A iora funt BA, A
‘ C.ipfis BE, EC.
Etquiain trian-
gulo CDE maio -
rafunt CD,ED,
3 —— bipfo CE,addito
‘ comiuni DB,ma-
iora fient CE,EB,quam CD, DB; Sed
CA,AB.maiora oftenfa funt quam BE,
EC;erunt ergo AB, AC, multo maiora
ipfis BD,DC; Secundo angulus BDC,

- externus ¢ maior et interno & oppo-
- fito DEC, & hic maioripfo A interno

& oppofito; multo ergo maiorelt an.
gulus BDG, iploangulo A. ®

- Propofitio 22. “Proble. 8.

Triangulum conitituere cuius latera tyi-
bus datis liness [int aqualia ; oportet
autem duas quomodocupguefngptas
religua effe masores; -

Dentur tresrétz A,B,C, & ipfis fu-
mantir ordinezquales DE, EF, F&:
tum cétro E,fpatio ED, ducatur circu-
1us DG, & cétro Finteruallo FG, duca-
turgicculus alter GH,iungiturg; reG
' © Ry

J
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o A
A ' B

. EH,FH, & fa&icft quod propoenitur,
ors Niin tridgulo EHF,re@a EH, zqualis i 4¢1.
o, act ipi DE hoceltipfi A,EF,verbipfi
TE’:‘; B, acdeniq; FH,ipfi FG, hoceft ipfi C.
100 Propofitio27. Proble. 5.
«Ad datum in recle punilum dato an-
gulo, aqualem angulum reélilineum -

- ponere.
et A B Detur angu-
pi ; » ~ Jus A,cuiad pi-

&um B, in ]re,&a

BC, zqualis fit
;fu: Di~g ¢S d¥w poncnd?xs.Suml '
ptisvtcunque in lateribas dati anguli
punéis D,& E,iungatur recta DE,con-
&z titaaturque triangulum BCF,cuius la-
"Hl ) tera
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terafinttribus latecibusipfius ADE, .
qualia,itavt BC pat fic ipi AD;BF,ipG -
AE; CF,ipfi DE: Quo facto triangula
fe habentiuxea 8.propo. Nam latera &
bafes funtzqualia; quare anguli A, &
B,zquales, & ficfa&um eft quod erat
propofitum. o

Propofitio 24. Theore. r5.

Siduo triangula duo lasera aqualia al-
terum alteri babucrint , ¢ vnum
triangulum babeat angulum lateri-
bus consentum maiorem, idem quo-
que habebit balim, bafi alterinstrian-

g4l maiorem. .
D A Vit fi latera

AB,‘ A C, X~
qualia fint la-
teribus DE,
DF. & angu--

G r;/ F.B € lus A, maior
angulo EDF, maior quoqueerit bafts
BC, baG EF.Nam § fiat angulusGDF,
ipi A zqualis, & latns DG,ipli DE, fie
@quale, inngirurg; rette¢ GE, GF,an-
guliaDGE,DEG, pares erunt; quare

totus FEG, maior exit quam DGE, &
) mul-
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E,2. multo maior quam FGE, guare re&a
4iph b GF, & huic 2qualis 8C, maiot eft 4 1y, o,
gula ~ guam EF.Siduo ergo triangula &¢. ‘
;’i‘: Propofitio 25. Theore. 16,
erat - Siduo triangula duobus lateribus due
latera aqualia babuerint alterum al-

. teri,bafim vero bafi maiorem, habe-
f ’ bunt angulum contentum laseribps
44)- . angulomaiorem.
U N ‘

P Namfipa-

) AL
“m- , ) ria fint late-
1“0 . raAB, AC,
rian- \ ipﬁs DE, D
. 3 1 F,& bafis B

aters B c t F C,maior ba-
b & fi EF, angulus A 4 maior eritipfoD. * 24. 1
ntla fi enim avt zqualis effet, ant minor,ba-
DE, fis etiam EF,ipfi BC, zqualis effet, aut
angu* minor cStra hypothefim. Siergo &c.
nalof Propofitio 26. Theore. r5.
tbzﬁs . .
GDF, Siduo triangula duos angulos duobus
efit  angulispares habuerin: alterum alte-
F.an . 75,6 vowm latus vni lateri aquale,
451132: : Siwe guod adiaces angulis , fine quod

uns

i
-
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iomi aqualiym angulorum fibtends-
tur , erunt ¢reliqua lateraalterum
alteriagrialia, & reliquas angislus
 veliguo equalis.” .
A P  Sintin

, + triangulis
G ABC; DE
/ \ F,anguli B
H CE F equalesan

gulis E & F,(itq; primo latus BC, quod
adiacet angulis zqualibus zqualelate-
riE F:iam fi latus BA, non eft zquale
ipi ED,fitillo maius, & exeo fumatur
BG,2qualisipi ED, tum vero , du&a
CG, duo latera triangulori BG C, &
EDF,zqualia funt,& angali contenti B
& E,¢qualesvnde aanguli F; & GCB,
pareserunt; quod efle non poteft; nam
hic anguluseft parsipfins ACB,qui 2-
qualis ponebacuriphi F, non eft ergo
maior BA,quam ED; fed neque minor,
aliaslateri ED eadem quz prius appli-
caretur demonftratio; ergo zqualis; &
¢unctrifgula BAC,EDF,fe habétiuxta

g.prop. & latera lateribus, anguliitem
angu=

& ACB, -
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angulis corre/psdétibus funt zquales.
Sit fecundo pofitisangulis B, & ACB,
iplis E, & F ¢qualibus, latus ED quod
fubtenditur angulo F, zquale lateri
BA; iam i BC noneft zqualisipfi EF,
fitmaior, fumaturque BH @qualis ipfi

"EF, du&ique AH,probabitur triangu-

la BAH, &EDF, efleiuxta 4. propo.
Quare angulum BHA, parem efleipfi
F,cui eidem ¢qualis et ACB; quod fieri
nequit:nam fic angulus AHB, ¢qualis
eflec interno & oppofito ACH; nacn
et ergo BC,maior quam EF, fed zqua-
lis; quare rurfus triangulaBAC, EDF,
funtiuxta 4. prope. & cgtera fequun-
tur vt prius.

Propofitio 27. Theore. 14.

Siindwas reclas. reilaincidens angulos

alternosparesfecerit, parallele erunt
ille linea. i

. Sint due
A v/ B - reftz AB,

G CD,in quas
/ cadat reéta

P —7F 0 EF, faciens

angulos al-
D ternos
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ternos AEF, EFD, qqdales; pafailcla}
ergo erunt rectg AB, CD; nam {i con-

, / . eurrerentin
. G, & ficret
B y -
, A E - triangnlum

| / >c EGF, cffer
— augulus ex-
c /E ‘D : ternus AEF
maior 4 interno & oppofito EFG, cui

ponebatar zqualis.Eadem fiet demon-
. ftratio fi dicantur concurfurg verfus A;
" neutram ergo in partem concursent;

fed funt parallele, .
~ Propofitio 28. ~Theore. 1.

[

- 8i indwasrectas vecta incidens angulum

externum interno ¢ oppofito ad eaf-
dempartes aqualem fecerit, ant dues
imternos ad eafdem partes equyles’
duobus rectis parallele sit ille linee.
In duas re@as AB, CD, incidens EF,

faciatprimdangulum externum EGB,
2qualeminterno GHD,& oppofitoad

-ealdem partes;quia ergoangulus EGB,

¢qualis eft angulosad verticem AGH,
crunc angali alterni AGH, GHD, =-
S quales
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BRE ) quales ; cum
i \ zquales fint
A \G. B vni tertio EG
A \ ’ B: ergo linex
. AB,CD, funt
s ‘ .H\ D parallelz. Fa-
N ciat fecundo

F' 1e@a EF, an- .=

gulos BGH,DHG,internos adeafdem - .
© parteszquales doobus reis; quia er-
§o angulus E G B, cum angulo. BGH,

acit zquales duobus reétis & cum eo-
dem BGH,angulus GHD, facititidem
duobusretis zquales, fequitur angu-
lum externum EG B, zqualé cflcinter-
no GHD: quare per priorem partem
“huius propo. re&z AB, CD, funt pa-
rallelz, ' . o
Propof :9. Theore. 20.
Siveitainparallelas incidat angaliinter-

08 ad eafdem partes duobus rectis -

quales erunt,anguliitem alterniinter

Se equales; ac denique angulus exter-.

nus interno ¢ oppofito enit aqua-

s,

D: Vi
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: \B Vtfiin paral-
: lelas AB, CD;,
.\ cadatre@a EF,
primo anguli
interni ta vet-
fus A, qui ver-

A 2

riit duobus re-
F &is: nam G ver-

c ‘ ‘H\D fus B, pares ¢-

fus alterutram partem effent minores,
lineg ox ca-parte 4 produdkg cGcurrerér,

quate contra hypothefim non effent
parallela. L

Secundo quia angulus DHG, tam
cumangulo HGB, quam cum ingulo
CHG,valet dues re&os, fequitur angu-
los HGB, & CHG, qui funt alterni,

~ inter feeflezquales.

Tertio cadem ratione quia BGH, fi-
ue cum externo EGB,fine cum interno.
GHD, valetduos redtos, feqniturex-

. ternum EGB, paré cflcinterno GHD.

Siergoredtade.
it
ERALEANL XA
£ ¥
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Propo. 0. Theor.2s
Que cidews . vecla funt parallele s &

dnter S foms parallele,
S ~ Sintre-
A G / B &= AB
Yy CD,paral-
E | Y lelz ipfiE
oo / _ F,in quas

: : omnes ca-
c /H b dat’ re@ta
L ‘ +GH.Quia
ergo AB, EF funt parallelz, angu-
lialterni AGI, GIF funtazquales:Sed 1. 20
-angulus ‘GIF, aqualis eltdinterno & bagr. 7!
oppefito IHD (cum EF,CD,ponantur ‘
parallelz ) funt ergo inter {c zquales
anguliAGH,GHD, cum fint pares ¢i- -
dem tertio GIF ; fed ijdem anguli fune
alterni circalineam GH, funt ergo li-
ne¢ AB CD,cin quas incidit, paral-¢ 17, &
kl‘v ’ ' '

el
T )
D; Pro-
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Propofitio jr.. Proble. 1o
Ex ddte plmﬂo dafc redie. parallelnm

. drmru :

T ' c __ Detur

tc&a AB‘:
. . " cui ex pii-

A D B ¢oC,du-
cenda fit parallcla fumptoinre®aAB,
pun&o quouis,puta D, ducatur vtcuq
retaDC, & angulo CDB,conttituatur
azqualis ECD,eritque recta EC, 5 ipfi
AB parallela;nam angulialterni ECDI

‘. . CDB, funt pares,

. Propofitio 32. Theore. 22. -

Omwis trianguli une latere pradué?a ex-
seynus angulus duobus internis &

pofitis off equalis, & tres interni
;mém recHis funt aquales., ‘

Tnanguh ABC producatur latus
quodcunque, puta BC,in D, ducaturg;
aCEip(i AB parallela. Quiaergo AC
caditinparelielas AB EC, anguluss A
zqualiseftalterno ACE. Rurfus quia

“re&a BC, caditin ealdem parallelas;

y angu-
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angulus ¢ ECD, externus zqualis eftin-
terno B. Totusigitur ACD =zqualiseft
duobusinternis A, & B, & probatactt
priot pars propofitionis.Nunc quiaan-
gulus ACB cii externo ACD valet dugs

_ B, cum duobas
A & B, valebit
duos re&os, cit

¥ —\ .A & B oftenfi

© € D fint pares ipfi

;x:secmo ACD. Omnis igitur triangu-

i&ec, ' ' -

- Corrollarium,

g refos,idé AC ‘

¢ 29. §

Hine manifesinm est in aniniqudrila- B

- seroguatnor fimnlangulos guaruor vellis
e_ﬂé. aquales:nam dutlareila ex vno angws
boin appofitums , quadrilascrnm dinidessr
indue triangula que fingula bubent angu-
los pares dwobus reilis , anguli ergo sotins
guadrilateri vatent quatuor yeBos. vt ap-.
paret in figura. feq.propo, o

STORES.
S
- ]

D¢ Pro-
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& z7 L
~ quales, pasallele? funt AC, BD.

i

40 LIBER .

Pfopo‘ 33. Theore. 22

Linee reite que aquales &pamﬂeld,
ad eafdems paries - iungunt, funt &
ipfe equales & paraliele.

Reétas AB,

A —— B CD =zquales &

~ / parallelas inngit

/ . ad ealdem partes

C p du=aligAC,BD

‘ ' ducaturquere&a

BC. Qujaetgo re&a BC tangit paralle-
las AB,CDjanguliaalterni ABC,BCD

~ _pares funt. Nlunc vero quia latera AB,’

CD {untzqualia, & latus CB st com-
mune, anguliq; c3tenti ABC BCD stic
zquales , triangula ABC, BCD funt
iuxtag. Quare balis AC, bafi BD, eft

- zqualis: (quz eft prior pars propofi-

tionis )& infuper angulus CBD,angulo
BCAceritzqualis. Nunc ergo quiain

~ duas re@tas AC, BD cadens recta BG

facit angulos CBD,BCA alternos z-

£

‘ Pfo.-‘
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., Propof.34. Theore. 24.

Parallelogrammorum [patiorurs oppo-
fitalatera ¢ anguli funt equaliasip-
fague parallalogramma a diametre
Jecantur bifariam.

A B Nam in parallelo-

7 gramo AD dua dia- -

metro BC, anguli al-

ternis ABC, BCDsie

) _pares, & rurfusgqua-

C p  les funt anguli CBD

/ BCA; quiaergo trian-

gula ABC,BCD habent duos angulos

pares, & latus BC adiacens angulis ¢6- ‘

mune, reliquib anguli A & D funt pa- & 36 &
res, & latera omnia,& anguli cotre(pd-
dentes funt zquales: tota denique trii~

gula ®zqualia funt. Quare parallelo- .

grammum AD bifariam fecacur 3 dia-
metro B C.Igitur parallelogram. &a

_ Propo.35.  Theore. a5.
Paral/elggmmma fuper eadems bafs, &

ineifdemparallclisconflitusa,imer [
Simtagialia, = -

429 L

1

Supet

/
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p ‘E F Supereadem
bafi AB, confti-
tuta fint duo
parallelogram-
ma AD, AF;
B. fintque AB,CF -
linez parallelz. Confiderentur deinde
duo triangula CAE,DBE in quibusla-
tus AC ¢quale eft 4ipli DB, & CEal-
teri DF:nam CD,EF,2zqualiaéfuncvni
. & eidem AB, & addito communiDE
lineg CE, DF [unt pares.Sed & angulus
BDFzqualiseltipli C,ciiin rectas CA,
DB cadar CF: funt ergo triangula
CAE,DBFiuxta4,& vndiquezqualia.

. Quare ablato ¢cmuni triangulo DEG
" ".trapezia relita CD GA, FEGBfunt

2qualia; & addito communi triangulo
ABG,tota parallelogrima funt paria,

.. Propo. 36. Theore. 26.
Parallelogramma fuper eqwalibus bafi-
bus, & in eifdem parallelis conflituta,
inter f¢ fant equalia.
- Satis patet ex prac:nd idé facit ¢qua-

i lisbafis, & eadé. Sint nihilominus pa-
ral-
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rallelegrima AC, EG inter parallelas
AH,BG fuper bafibus paribus BC, FG,
ifigiturg; rete BE,CH:que quiariigiic
¢quales & paralleles BC,EH, sit & ipfe .- -
azqnales, & parallelz: etqne EBCH * - *!
parallelogrammum  zquale . vtrique ; 4. o,
A . tamipfi AC cum

D .E_Hg, fuper eadem bafi

al BC, qui alteri EG, .
B cum (iz etiam (uper
L .. eadem bafi EH.

B € F, G Suntergo&extre-
ma parallelogramma AC,EG zqualia, )

Propofitio 37. Theore. 27.
- Triangula fuper eadems bafi ¢y inter pa-
rallelas eafdé pofita, funt equalia.
E A D ¥ Sint crii-
P

VAV
. \C

per eadem .
bati BC in-

- " .7 . ter paralle.
las BC, EF, ducanturque reéte EB pa-
rallela ipfi AC, & FC ipfi DB pa-
rallela. Quia erge paralielogti m: EC,

BF funt fuper cadem bafi, & inter eaf-
: : _ dem.
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p—oD cedenti. Trig-
! gula enim fu-
» ’ \ / » - perioris pro-
B CE F

44 . LIBER I

dem parallelas ;¢ eruny gqualia. At erif-
E A 1 T golumABC

N/ ./ it dimidid
\ & parallelo- "~

/ \ grammi EC;

P C cumgq; tria-

_ gulamDBC
alterius parallelogrammi BF fit etiam
dimidium,erunttriangula ABC, DBC
inter (egqualia,quod eratdemonttran-
dum. - '

Propofitio 3#. Theore. a8, )
T fil)}glllﬂ fuper equalibusbafibus & in
esfdem parallelis furst aqualia.
" Patet ex
M proxime ante

pofitionis po- -
, nantur fuper
2qualibus bafibus vt fins ABC, DEF,
duciturque- vtrique lateri parallel, &
demonfratio procedet vt prius.

Propo, -
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Propofitio 79. - Theore. 29.
Triangwla equalia fuper eadembali &
ad cafders partesconflismia,in eifdem
Sunt parallelis. : '

Nam fi trian-

gula ABC,DBC

fi BC conttitu-
ta, fint zqualia,
& nepas tamen
B < re&:irgn ex A per
D du@amipfi BC effe paralleldm; du-
catur alia qua fit parallela puta AE:ii-
- & ergo red CE, erittriagulum ABC,
zqualeatriangulo EBC,quod fierinon
~ pote@: nam triangulum DBC zquale
. ponitur eidem triangulo ABC; ergo
- EBC quod eft pars totius DBC trian-
~ gulo ABC non poteft effe zquale.
- Eadem demontratio fieret fi retam
AEvelles cadere extra tridguli ADC:
non ergo ecrit alia parallela quam
AD. Reciprocygm est hoc Theore. prop.37-

fuper eadem ba- _

437, %

2B®

%

Pro.po
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Propofitio 40. Theore.s0.
Equalia trisnguls ¢ ad eafdemparses

- Juper aqualibus bafibss conflitusa sist
- inster eafdem parallelas.

A
L fibusBC, CE;

1r<
c E ;
neges tamen

re&tam AD ipfi BE efle paralels, fit par-
' .allela AF.Tunc vero du@i FE,triangu~
4 3%t Jum FCE ericszqualeipfi ABC,cuieis
dem zquale ponitar criangulum DCE;
erunc ergo pars & totumeidem zqua-
lia,quod efle nequit.& ¢ hanc manifefium
eit effe conmerfampropo. 38.
Propo. 41. Theote. 31. =
Si parallelogrammum ¢ triangulum
eandem habuerint ‘bafim (intque in
offdem parallelis , erit pfmlldogram-
mum duplum trianguls.
Sint parallelogranimum BD, & trii-

gulum EBC, {upereadem baliBC, &
' inter

b Ni Geriangu.
- laABC, DCE

\ ~ pofira fint -
* qualia&foper
zqualibus bas

!
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e - g inter parallelas
A D -AE, B C;ducatur-~

que AC. Quiaers -

go trifgula ABC,

a EBC funt zqua-
. B c lia,& ABC eft di-
midium parallelogrammi BD,fequitur
etiam triangulom EBC,civfdem paral-
lelogrammi efle dimidiam. :

Propo. 42, Proble. 1.

a37. %

 Datotridgulo equale parallelogrammis /

coftitwerein dato angulo rectilinea.
Sint da-
ta triangu-

Jum ABC,

NN = & angulus
XK/ /- D;bahique
B ae /B BC, bita-

ridfe@a in
E, ducatur
AE,agaturd; « per A,re@a AG ipfiBC,

A F G

parallela, mox 4d E pun&tum, fadto an- |

gulo FEC,bipfi D zquali, educatur ex
Cyrecta CGiphi FE parallela. Quiaer-
go triangula ABE, AEC, fupet ¢ zquas
libus baubus BC, EC funt #qualis; &

-3 1

b1o, 1.

c38. 1

B triangu- -
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triangulum AEC,parallelogrammi fu-
per cadem bafi EC, conftrudti 4 et di-
midium, fequitur totam triangalurm
ABC, eflezquale parallelogramo EG.
Dato ergo triangulo zquale parallelo-
grima conflituimus, habens angulum
FEC dato angulo D zqualem.

Propo. 43. Theore. z2.
Omnis paradlelogyammi earum que cir-
ca diametrum funt parallelograms-
moris copleméita funt inter fe aqualia.
A r : Circadiame-

TSI\ gy UM AB, pa-
EXI H- rallelogrimi
N\ ‘ CD, confiftit

_ . B Pparallelogrd -
ma EF,GH;complementavero qug di-
cuntur, fint parallelogrammaClL, ID,
per quz diameter AB,non tranfit;quia.
igitur diameter AB, diuidit bifariam

_parallelogramma CD,EF, GH, » erunt

triangula AELIGB, zqualia triangulis
AFLIHDB; fed & votum ABC,totitrif
gulo ABD,zquale eft:compleméta er-
go CI, ID, funt etiam zqualia. Om-
nis ergo parallelogram. &ec.

. Pro. 44.

A
}
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Propo, 44. Proble. zz.

Ad datam reilam parallelogrammum
confliiuere dato 1riangulo aquale in
dato angulo reclilineo.

.a e~ P_E N
e P |
— ,

o X M L

Sitdatare&aA, trign%ulum B,angu-

lus C: Fiat deinde parallelogrammum
DG # zquale triangulo B, habeatque « 42. »
angulum DFG angulo C zqualem.
Po'thec produo later® FG,inin H,ita
vt GH fit zqualis retz A, per H agatur
L N,éparallela ipfi E G, & occurrens é35
lateri DE,in pun&o N. Rurfus produ-
&o latere DF, ducaturex N, diameter

er Hoccurrensipfi DFin K,du&aque
per K, re&ta KL,paralleid ipfi FH. latus
EG producaturin M. Quo facto dico
parallelogrammum GL, eflequod pe-
titurinam quia complementacfuntz-¢ 34 %
qualia, {i complementum GD, eft2- )
E ¢qua-

'
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letriangulo B,eritetiam G L,eidem B;
zquale; fed & angulus MGH, zqualis
eftangulo FGE, oppofite 4ad vertic®,
quare & ipfi C erit zqualis; eftque re-
&a GH,zqualisdatzredz A:Igiturad
datam re¢tam &c. e
- Propo. 45. Proble. 15

Dato retilineo equale pardlklogrém-

mum coftituere in dato angulo recli-

lineo.

P . HI L

c
~ Sitdatusangulus E, & re&ilineum
BC,in quo du@i re@ti AD,fiat paralle-
logrammum FI, » 2quale triangulo
ACD inangulo Hqui fitipfi E zqua-

-lis: protrahatur deinde latus HI & ad

retam Glin angulo GIL. ( quic@z-
qualis ipiH,quace & ipfi E)fiat paralle.
logrammum GL, zquale triangulo
ABD, eritgue tota figura FL parallelo=

S ' gram-
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grammum nam L K, parallela eftipfi
FH, cum vtraque fitipfi Gl parailela,
cumque Gk,iph 1L firparallela; ficue
HL eftvpareéta ita etiam Fk;funt verg
FG HI parallelz, quare ctiam tetz -
/FkHL,cruntparalleh; Dato ergote-
ctilineo &

Propofi. 46. Proble. 14.

A data rela hinea qaadratum de-
feribereo.

Sitdatare®a AB,
ad cujus extrema
A & Baexcitétur o g, ¢
perpendlculares
CA, DB, ipfi AB
mquales, unga- -
turg; re®ta CD,
& c5ftitutom eft quadratum. Cum e-
nimanguli A & B,fint reéti,beront AC, .
DB parallelz, fumquc etiam zquales,
ex conftruitione quare CD, AB, funt -
queque paralleiz & gquales; ac prop-
terea AD; et parallelogrammum cum-
que anguli, A & B;fint re&i cerdicetiam -
oppofiti C,& D,re&i: funt veto tria la-“
Emw téra

P
28, I.
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tera reliqua {umpta g¢qualia ipfi A-B,
zuarc figara AD,eft quadratum,ex de-
nit.27.

Propo. 47. - Theore. 323.

In rectuangulis triangulis quadratums
quoed alatere rectum angulim [ubié-
dense defivibitur, aquale oft eis. que

& laserib. redlum angulis continenti-
bus deferibunsnur, quadratss.

_ ER .
# 45 3. Ineriangulo ABC, angulus BAC,

rectus fic flantque fuper s lateribus AB,
. AC
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AC, quadrataBG, CH. Irem fiat fuper
latece BC,angulum reGum fubtenden-
te quadratum BK, quod dico ¢quale
efle duobus aliotum lacerum quadratis
fimul fumptis; du@i énim AE, paralle-
laipfi BD,aut Ck,iungantur etiam re~
&z AD, FC Quia igitur angurlus DBC,
angulo FBA, rectus re&o elt zqualis,
addito comuni ABC, pares eruptangu-~
liDBA, FBG; {untinfuper triangulo=
ri ABD, FBClatera DB, BC,iplis BA,

BF fingulafingulis ¢qualia: triangulai-

gitur ABD,FBC,¢sat zqualia: fed trid-
‘guld ABD;eft dimididic parallclogedmi
BE,cum fit fuper eadem bafi BD,inter
parallelas BD, AE, & eafdem ob cau-
fas triangulum FBC, eft dimidii'qua-
drati BG; 'quadratum ergo BG g¢quale
eft parall¢logrammo BE, cum eoriam
dimidia fint paria. Quod fi pun&a
BI,AK,coniungantur duabus lineis re-
Qis, €adem pline methodo probabi-
tur parallelogrammur EC, quadrato
CH,¢flezquale. Totum gitur quadra-
tumh Bk; reliquis duobus zquale eft.
In reQangulis igitur &c.

1

E 3 Pro-
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Propo. 44. Theore. 2

St quadrqtum ab wno trianguli latere
' deferiptum aquale eff duobus reli-
quornms, laterum q’:mdmtis > angulns
quem reliqua’ latera  continent off
_recius. - ‘ L
D

In triangulo
ABC,fitlatus-AC
huiufmodi,vt eins
quadratum ¢qua-~
le fic quadratis
L = duorum reliquo-

A - - € rum laterum AB,

BC; dico angulum ABC, contentum
ij{dem reliquis latecibus efle reCtum,
Nam fi ducaturexB, ipfi AB, perpen-
dicularis BD, ipi BC =qualis , ion-
gaturquerecta AD, tunc quia angulns
ABD, rectus eft, erjt quadratum ipfias
47+ ' AD, zquale quadratis sretarum AB,
' “& BD, vel BC;cumque quadratum ip-
fius AC, quadratis earundem AB, BG,
‘ponatur ¢quale,erunt lineg AC,AD ¢~
quales inter fe. Quia ergo duo triangy-’
s 51 1aABC,ABD, habent tria laterabz-
A ) .. L.A, P . ) . qualiai

L



“EIBER I 55
qualia, sit etiam anguli omnes gquales
qui fibi refpondét: vade quia angulus

~ ABD reétus,eft reQus etiam erit ABC;
fi ergo quadratum &c. Eff conwerfapre-.
cedentis, vt fasispatet. C

i E 4 EVCLI
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Propo. 44. Theore. 35s .
.quaadrq_tum ab wvno trianguli latere
" dferiptum aquale off duobus reli-
querum latersm quadyasis , angulns
guems reliqua latera continent off
B (7 ' C

»

In triangulo
ABCfitlatus-AC
huigfmodi,vteins
quadratum g¢qua-
le fic quadratis
L& duorum reliquo-

A - € rum laterum AB,

BC; dico angulum ABC, contentum
ij{dem reliquis lateribus effe rectum.
Nam fi ducaturex B, ipfi AB, perpen-
dicularis BD, ipli BC zqualis , ion-
gaturque recta AD, tunc quia angulus
- ABD, rectus et erjt quadratum ipfius -

s 47. % ' AD, zquale quadratis #re@arum AB,
° ‘& BD, vel BC;cumque quadratam ip-
fius AC, quadratis earundem AB, BG,
‘ponatur ¢quale,erunt lineg AC,ADg- -
quales inter {e. Quja ergo duo triangu- -
s+ 55 12ABC,ABD, habent tria lateraé -
. . l‘ . Z"‘ . B . qualia.

14 o
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qualia, sit etiam anguli omnes ¢quales
qui fibi refpondér: vnde quia angulus

, 'ABD re&tus,elt reGtus etiam erit AB C;
fi ergo quadratum &c. Eff conwerfapre-

cedentis, ve fasispatet.

n
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Definitiones.

1 Parallelogrammum re&angulum .
contineri dicitar fub duabus lineis quz

G

- rectum angulum comprehendunt,

R Ut parallclogram-

o mi rellagninm FG
_ contintsnr fub re-

¥l & HG,EG citine=

tibus angulii relis G.1sé fub rectis HF,FE.

‘Stmile aliguid in numeris videre off: '
Sicwt enim rellangulum  continciur [ub
duabus hiness 124 fignrarus numerss reéla-

gnhu continctur
‘e 2 a »
3} . ’.‘2- []

-
a » T u

4

[ub mumeris duobus qui
inter fe multiplicati pro-
dwcant numerum aptum
tali figurg. Sic numerss

‘vellagmlns 12 continctuy

fub3 & 4.quiinter femnl.
ﬁplif i
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tiplicati efficiunt 12., numernm aptum figu-
revellangule. :
11 Inomni parallelogrammo fpatio
vnum quodlibet eorum quz circa dia-'
metrum funt parallelogrimorum cum
duobus complemétis gnomo vocetur,
C E BVt in paraliclo-
grammo AB, pa-
, X . rallelogrammum
F 3 '\ LM cum duobus
el KX M coplemetis EM,
L ix)  LF,vocaturgno-
A L D pondeem paral-
lelogrammum FE cum duobus ijfdem
* complementis elt gnomon. Solet au-
tem %nomon defignarilinea curua qua
tranfit per complémenta & parallelo-
. grammum interinedium, qualis eft
Hlk. C

(

Propofiziones.
Propo.1. Theore.r”

Sifuerint due vecte quarym alverafece-
tur in quotcanqsuc fegmenta, rectan-
gulum fub duabus illis rectis conten-
twms equale erit omnibus fimul recti-

: gulis
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{
:

gulis,quefubinfécta & partibishineg
Jecla continemsur.. |

A ET B Sub re&kis
: AB, AC conti-
neatur rectan-
gulum AD, re-

< ¢ ¥ D &iqueABvtch-
quedivild in E &F, ducantur FWl &
EGipfi BD, parallelz; eruntque AG,
EH.FD,re&angula; nam angulus EGH
ipli C teft zqualis,& omnesalios facile
eft oftendere alicui recto efle 2zquales,

" Manifeftnm eft etiam re@angula’ par-

tialia AG, EH, FD, fimul fumpta toti
re&tangulo AD efle zqualiainam s om-
nes partes fimul fumpta toti funca.
quales. Ethoc tantum vult propoficio,
Nam AB,AC,{unt duz rect¢; quarum
AB,fetaeft vicunquein E & F: often-
fum it autem reangulum ADipfis
AB, ACcatentum, gquale cfle re&tan-
gulis partialibus quz continentur {ub
infe&ta AC & partibus linez fe&tg AB:
re&angulii enim AG, continetur, fub
infecta AC & parte AE; reliquavero
EH, ED, continentur fubEG,FH(hoc

1t et



“eftfubinfe@a ACipfis zquali) & reli-
quis partibus EF, FB. Si ergo fuerint -
duz re&ta. ’ . ‘
Tdem videre estinnnmeris.Si enims déspy
dwovnmeri 4 ¢ 10,0 alter corum puta
10 disidatny. in quotsss partess, 3. 1, ex
muliiplicationc ipfins 4 in omines partess,
3,2, fient 40, ficut ex multiplicasione einf~
Acms 4 in torum numernm 1Q. -

Propo.z.  Theote. 2.

Si reita feclafit vtcumaue : reclanguls
" Sub tota ¢ quolibet fegmentorum.
éompreken/a, equaliafuns ¢i, quod 4
totafit,quadrato. -

A E € Re&tangulum AB,
T7] fit quadratum retz
AC, retique ACvt-
eumque diuifd in E,
ducatur EF ipfi CB pa-
b F B rllela, & manifeftum
g ot, vt prius, reftan-
.gula partialia AF,EB fimul fumpta,toti
ABefle zqualia. Nequealiud vnlt pro-
pofitio. Nam reta AC vtcunque (Pe&a
ettin E; re®tangula autem AF, EB,
) A . con_x
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conténts fub AD EF (hoceft fub tota
AC) &f{ub partibus AE, EC zqualia
funt quadrato totius AC,quodelt AB.
Siergo recta&ec. ' ‘
In wwmseris: fi 10 dinidatnr induas partes
7 & 3,ducendo 10in 7, €43 fiemt70. G
30,q%a fimulagualia, siét numere quadra-
2o ipfins 10 qus ¢§F 100: dicimns enims nu-
merum quady atwm qui fit ex duclm cuinl~
nis numacrs in feipfum.
Propof 3. -Theore.z.
Sirecta fecia (it vtcunque, reciangulum
. fubtota & uno [egmentorwm com-
 prebenfum equale et illi quod fabfe-
- gmientis comprebenditur reitangulo
" wnacum quadrato, quoddpredicio
[feamento deferibitur. ‘
Re&a AE vtcun-
que feceturin C, fic-
?ueAB, quadratum
egméti AC, reGan-
: gulum vero AD cé-
F . B D tincatur fubtota AE
& fub AF hoc et fub 2quali AC; &
manife@um e@ve prius re@angula AB,
: CD

A€




LIBER IL /2

CD f{imul fumpta,toti AD efle gqualia,
Nequealiud vulthzc propofitio.Nam
re&a AE vecunquefectaeftin C, & re-
Qangulum AD,{ub tota AE& AF hoc
eft fub parte AC, zquale elt ipi AB
quadrato partis AC vna cam re&tan-
gulo CD, quod continetur fub CB
( hoceft fub parte AC) & fub reliqua
parte CE. Si ergo recta &c.

In numerisfi 6dimdusnr in 4 €$ 2,prodm-
Clum ex6ing b.ceft 24,¢qualecft csquod
firexgin L hocest8, vna cum quadrato
ipfims 4 quod et 16.

Propo. 4. Theore. 4.

Siyecla fecia fit vicunque , quadratum
guod atota deferibitur aqualeqft feg-
mentorum quadratis, vna cum re-
clangulo quod bis fut fegmentis con-
tnetur.

Re&angulum AB fit quadratum ip-
fius AC; du@ique drametro DC, aga-
tur EFipfi CB parallela, {ecans dieme-
trum vicunque in G, per quod idem
pon&um agatur Hliph AC parallela:

& manifeftum eff vtprius quadratum
AB



.
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ABtotius AC, efle zquale omnibus
imul re@angulis intra fe defcriptis.
A E ¢ Neque aliud
1 vult propfitio.
Namre&ta AC

G

- H T feGaeft. vicun-

que in E, & cius
quadratum AB
a : gquale eft ipfis

D # B HFEI{quzsit
qnadrata fegmentorum AE,EC) fimul
cam retangulis AG, GB,qug funtre-
&angulum bis comprehéfum (ubpar-
tibus AE,EC, . -
Re@angula autem HF,EI, efle quadra-
ta partinh AE,EC (etfi ex conftru&tio-
ne & definitione quadrati fatis poterat
colligi)icdemonftro. Quiarc&z AE,

'GH, DF iungunt parallelas 2quales,

funt s & ipf inter fe zquales.Itéfiab
zqualibus AC,BC auferantur zquales

*EG,IC, qug remanent AE, Bl & quz
" hnic pares funt GF,HD, omnes inter

4

“feerunt 2quales. omnia i?itu'r lateta

parallclogrammi HF, zqualia funt par-
ti AE, funtque omnes anguli re&i;nam
quiaHDF redtus eft & reétus etiam

- GFD

¥
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* GFD ( cum fit zqualis ipfi B)etif s op- 4 5. ¢
pofii reliqui erunt redi. E& ergoHI

quadratunripfius AE. Similiterque o-

ftendetur El effe quadratum parus EC.

Etficdemonftrata et tota propofitio.

Innpmeris : Si 6 dinidatur in 4 ¢ 2; qua~

dratum ipfius 6 quod eff 36 aquale e3t qua-

dratis parsinm 4 & 2 boc e5116 @ 4, vnd

“ewm numero 8 bis repetito qui fitex parti~

bus 2 & g imer femultiplicatis,
Propo.s. Theor..

Siyecla fecetur in agmalia & non equa-
bia: reclangulum (wb inequalibusf-
goittis totiuscomprebenfum, vna cif

Aqaadmtafegmmtit'mermedzj,tzmlé ’
ef ¢i, quod a dimidia deferibitnr;
quadrato.
. . Reda
A e D2 AB bifa
N/ cf  riamin C,

L M~ ©|. /1H & nonbi-

, . a fatidin D
RRP .. diuidatur;
L FOROE & fupet

dimidia CB fiat’ quadratii CE dv@dq;
diame-
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ABtotius AC, effe zquale omnibus
imul re@angulis intra fe defcriptis .
A E ¢ Neque aliud
{7777 vulc propfitio.
G / Namre&a AC

———

- H ¥ fe&aeflt vecun-

que in E,& cius
quadratum -AB
' : gquale eft ipfis

D 7T B HF,El(quasiit
quadrata fegmentorum AE,EC) fimul
cam retangulis AG, GB,qug funtre-
&angulum bis comprehéfum fub,par-
tibus AE,EC. —. |
Re@angulaautem HF,EI, efle quadra-
tapartinm AE,EC (etfiex confiru&tio-
ne & definitione quadrati fatis poterat
colligi)icdemonftro. Quiare&z AE,
GH, DF iungunt parallelas 2quales,
funt 4 & ipfz interfe zquales.Itéfiab
zqualibus AC,BC auferantur zquales

*EGC, IC, qug remanent AE, Bl & quz
" hnic pates fuat GF,HD, omnes inter
" feerunt 2quales. omnia igitdr laterd

parallelogrammi HF, 2qualia funt par-
ti AE, funtque omnes angulire&i;nam
quiaHDF redtus et & re&us etiam

' GFD

!
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GFD ( cum fit zqualis ipfi B)etid b op- 4 54, o

pofiti reliqui erunt redi. E&t ergo HI

quadratunvipfius AE. Similiterque o~
ftendetur El effe quadratum parus EC.,

Etficdemon(rata eft tota propofitio.

Innumeris: Si 6 dinidarur in 4 ¢r2; qua-

dratum ipfins 6 quod eff 36 squalc e5t qua-

dratis partinm 4 € 2 hoc ei}16 ¢ 4, v

cums numero 8 bis repetito qui fit ex parti~
bus 2 & gimter femultiplicatis,
Propo.s. Theor.s.

Siyecla fecetur in agnalina ¢ non equa-
bia: reclangulum fub inagqualibusfe-
gidsistotiuscomprehen(nm, vna cii

_quadratoﬁgmmtiimermedtj,zzmlé '

eft ¢i, quod a dimidia Aeferibitar;

' guadmm.
: - . - Reéa
A Q@ DX g5 bifa

- N/_J ¢f riamin C,
L Ml _/ H & non bi-
o / B fatifin D
S | dividatur;
oo FOK OB g fupet
dimidia CB fiat' quadrata CE dv&dg; '
o diame-
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diametro -

A ¢ D T FBagawur
/ N/\ ¢ pex.lg) rc-

/ - iBE pa-

| rallela, fe-

F K E s dia-

metri in G,per quod puné&iagatur LH
ipfi AB parallela,& adiiigaturrecta AL
ipfi BH parallela. Quo falo erit recta-
gulum AG fub in¢qualibus fegmentis
AD,DB,hocelt DG,contentum, vyna =~
cum MK quadrato medij fegméti CD,

- zquale quadrato dimidi¢ CB, quod eft

CE.Namre@angulum AM zqualeeft
ipi DE,cum vtramqueipfi CH 4 fic -
quale; czteraautem nimirum CG &
MK funt communia. Quare fire&ta
&c.

In numeris: Dinidatur namerus 10 2qua-
licer in § &r 5. inaqualiter in » &9 3; ita vt
wnmerns medins inter [elliones fit 2: quo
dsmidiusnumerus fuperat 3 pariem mine-
72 ex inaqualibusieritd, numerus 21 cx 7in
3 vnA cum quadrato numeri intermedi 1
guod et 4, aquale quadrato dimidij 5,

feu 25, '
‘ Corol-
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Corrollarium.

- Ex bis manifestum oft gnomoncm NOP
toti reflangulo 4G effe aqualem; quando-
quidem CG fiy commune , & ‘DE religud
rellangulo AM fit eqmale_,.

s Propoﬁ;io 6. Theore. s.
Sirectabifariam fecetur erquein reclumm

- qusdam reita adijciatur, evit yecla-
 gulisfubsota cii adiecia, & fub adiecla

contentis, vna cii quadrato.dimidie;

aquale i, quod & dinidia cum parte
- adjectafit, quadrato.

' B
A T c 1 QD bifariam rCCC-
. \ N "\ ~ turin Ceique
| Ty, H jn reGtum ad-~
o VP_J. jjciatur B D:

inde {uper re-

G F- @& CD fit, ,

quadratum « CF & per Bagatur BG pa-
-pallelaipfi DF, fumptique I H 2quali:
ipfi DB agarur per Hre&a HK 'pfi AD:
parallela & 2qualis; iongaturque re@a
Ak: quo fuko demonftratur propou

F  fuio

Re&a AB-

»
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fitio. Nam quia rectangula AL, CM,
funt ¢qualia propter ¢ zquales ba-
fes , & cidem CM =zquale eft
altecum coniplementum (MF, erite-
tiama MF 2quale ipfi AL & additis ¢5-
munibus CM,BH,gnomon NOP teti
re¢tangulo AH zqualis fiet(quod fand

- re&angulum continetur fub totacom-

pofita AD & parte adfe@a DB cui DH
zqualis fampta eft)fed gnomon NOP
adieto LG quadrato partis dimidiz
CB,vt fuptain fimilid ofteridimus,fic ¢~
qualis quadrate ipfius CD, quz cft

‘pars dimidia cum adie&ta BD. Igitur

parallelogrimum AH adietto eodem
guadratosLG fiere zquale eidem qua-
drato CF, quod erat probandum.

In numeris : fi 6 diusdatur equaliter
in3 & 3, cique addatur 2; numerus 16
(qwi fir ex toto 6 cum adiello, in ipfum
adiellum ). vna cum quadrato dimidif
guodest g aqualis eff guadrato ipfius 5 qui
numerns componisuy ex dimidio 3 & ad-
ietlo a. '

U J
| Dro- .
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Propof.7. Theore. 7.

i reita vtcunque fecetnr, quadratatos
tius & Vi iufuisfegméts fimulfamp-
14, paiia funt rectangulo lmju'mpta'

Jubota & dicio fegmento, vna cums
adiunito alterins [egmenti quadrato.

A C Re@a ABleafit

—1 vtcunquein C & fu-

per AB, fiatquadra-

X T M M tum AE,ducanturg;

1 | CLkM;vtin fupe-

riori - propofitione:

D L E fumpti deinde LF

¢qualiipfi CB,adda-

F G turquadratum LG.

Erunt igitur quadratum totius AB,

quodeft AE fimol cum quadrato feg-
menti CB, quodelt LG, zqualias re. 415, ax;

&angulis AM,MF( quz fumuntur fub

tota AB & fegmento BC, cum BM fit

ipfi BC zqualis, & in rectangulo MF

aqualia laterafint MG, GF, iplis AB,

BC) vna cum quadrato alterius fegmé-

tiAC quod el kL. Siigitur re¢ta &c.

Innumeris: fi 6 vtcungue dinidatuy in

4 O 2 quadrasws 101i956 Vna cum qua-.

Fa drate
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drato ipfins 4,equalia funt numiero 52 qm-

fit ex pumero 6 bising vracum quadraso

alserins partisz quod e5t 4.

Propo.8. Theore. 8.

§i vecta fecesur vicunque,rectangulum
 quater comprebenfim fub tota &
uno j?gmenmmm,'vm cum alterius
paris quadrato. equalia funt qaadm-
$o quod fit dtora & fegmento , tan-
guans abvna linea.

A ¢ B D Rc&a AB vt
1a cunque fecetur

Y=g in C cuiadiicia~

A SR ‘tor in re@um

) & Q N /MBDlprCz-A

1 - qualis, ac fuper- '
Q] tota AB& ad-

e, . junco fegmen-,
E . HGPF ,3pp zquali

ipi BC fiar tanquam fuper vnalinea’

quadra;um AF, ducanturque BG, CH,’

Ik,LM, lateribus quadrati AF paralle-

Ig,fic vt DK KM ipfis BD, ‘BC fint2-

quales Erunt fanen gnoms OPQre-

&anghla ghatuor conteita fub reils; '
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AB & BC.Nam circa R conflitutafunt
quadrata quatuor, quorum Jatera om-
niaipl BC funt ¢qualia; fiigitur vni-
cuiqueex quatuot complementis AS,
& fimilibus, adiiciatur fuum quadraci,
invenientur ‘in gnomone O PQ qua®
tuor vedixire¢tangula¢qualia iph AR,
quod continetur fub AB, BR hoc ef}
BC. E@vero gnomon OPQ_feu qua-
tuor rectangula fubtota AB & fegmé-
to BC cum adiun&to EN quadratoal-
terius partis AC, szqualis quadrato

AF, quod fit fuper AD. Siigiturceda °
&c. b T

“In mumeris fi6 vicunque fecetur in4,
& 2,dsicendo quater numerims 6 in 4
addendo quadyarwm ipfius 2, fict numerss
agualis guadraso ipfius YO gni nwmerss
componisur extoto 6 & parie 4.
Propofitioy. Theore. 9,

i reca fecetuy per 2qualin ¢ non eqna:
lia, quadrata partium inequalium.
dupla funt Zuadmtdmm ab vno ds-
midio, & ab ea lineaque [eclionibns,
interijcity , deferipioram .

3 Refla

1.
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Re&ta AB fece-
E tur zqualiter in-
ol F C.ingqualiter in
) D; fuper qui ad
\, C erigatur CE
A C DB Fe;pendicularis,
& ipfi CA vel CB ¢qualis, duciturque
AE,EB,jitéq; DF ipfi CE,& FGipfi CD
parallela,ac denique iligaturrecta AF.
Iam vero quiain triangulo ACElatera
CA CE =zqualia funt: angulis CAE
AEC pares erunt: eft autem angulus
ECA tettus: duo ergo alij funt femire-
&i. Similicerque in triangulo ECB an-
guli CBE, BEC, femirei font: totus
ergoangulus AEB reus eft. Cumqne
intriangulo EGF, angulus G re&us fic
& GEF femirectus, eritetiam angulus
GFE femire&tus. Quarelatera GE,GF,
b zquales angulos (ubtendentia, funtg-
qualia. £qualis etid vtriquece redta
€D, cutn CFfit parallelogrammum;
Quare fiab zqualibus CE CB auferan-
tur zqualia GE,CD,re&a CG, hoceft
DF,ipfi DB erit zqualis.

- Hisintelleis fic breuiter colligitur -

propofitio.Quadrata partium inzqua-
o lium
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lium AD,& DF fiue DB, 4 zquinalent ¢ 47, =
quadracoipfius AF, & hoc quadratum
exAF zquiualetijs quz fisntab AE,
EF:Sed harii quadrata dupla (unt qua-
dratis rectarum AC dimidiz, & CD
partis fe&tionibus interieéta;cum enim
AC, CE lint pares, & AE det quadra-
tum verinfque quadratis zquale, efli- -
ciet duplum quadratoipfins AC; imi-
literque EF dabit duplum quadrati ip-
fius G Ffeu CD. Quare quadratumip-
fius AF, & partium inzqualivm AD &,
DF, hoceft DB duplii funt quadratori
ex AC CD;partis (cilicet dimidig & li-
-nez fe&ionibus interieta. Siigitur re-
&a &e. T '

Innumeris: INwmerus 1o dinidatur -
yualiterin s €8 5.ingqualiter iny & 3, fit-
gueintermedia [e&lio 2, vt prop.s.Quadrasa
€1g049 O 9 partinm intqualiumy & 3,
Junt dnplum, quadratornm parvisdimidie
§ & Jeltionisintermedia 2.,

Fgq Pro-
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Propofitio 0. "Theore. 0.
Si reita feceswr bifaviam & in veltum

& alia adiiciatur , quadratam quodfie

a totacum adseta, fimulcumeo guod
fit & fola adiéita, duplum funt qua-
Aratiquodfit a Aimidia; & alsérins
_guad 4 dimidia ¢ adiunita acferi-'

Y ”l{r. o
Re&a AB, bifariam fecetur in C,ad-

ie®d BD, cui ad C erigatur perpendi-

cularis CE,dimidig AC zqualis, perfi-
ciaturque parallelogrammum ED, du-
&aque EB. occurrat lateri FD produ-~
&oin G,ilunganturque AG, AE ,eritq;
angulus 4 AEB conftans duobus femi-
rectis, vtin fimili oftenfum eft prop.
prox, Quare & angulus EBC femire~
&us eft:{emiretus ¢ quoque DBG orpe

(-]

. pofitns ad verticem, quare& DGB

mirectuos erit,& laterac BD,DG zqua-
lia. £qualizitem crunt latera FG, FE,
quia ‘anguli ad bafim EG func pares.
His pofitis quadratum dex AE eritdu-

plum quadrate dimidi¢ AC, & qua-

dratam ex GE, duplum quadratiex EFy
‘ ' \ ‘ ho¢
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hoc eft ex dimidia CB com adiun&a
BD.Scd& lpfus AG quadratum zqui-
valet qua«
F dratisdua:
rum AE,

3 " ]

R i EG; &

, : , quadtatu

) C D &x totaA

M Bcum ad.

iitta BD
, - Q

vna cum
quadrato
€x DG, feu adiun@®a BD ¢quinalet qua-
dratoex AG.Quare harum linearom
AB,BD quadrata duplam quoque funt
quadratorum ex AC& CD. Sl igitur
recta &e.- :
. In numeris: Dm:damr é ¢qy¢lmrm
3693 o193 addutur 2,1 fit numeruscom-
pofiens8; quadrata igitur ipfins 8 & adie-
ﬂt 2,duplum funt quadratornm dimdif 3,
& mimms qmcwgfm dnm:eho & admﬂo.

g i}ﬁé#-ﬁﬁ»&éé#ﬁ%

ﬂﬁ?ﬁ%ﬁ%‘

Prop.
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Propo. i1,  Proble. r.

Datam relamitafecare, vt reclangu-
lum fubtota & alerofegmentorums,
aquale it quadraso quod s a reliqua
Pl"t <

-

C B Sic dats
/ reta AB
r C__H it fecanda

vt re&igu-
. lum {ubto-
ta & feg-

D E A Y mento al-
tero,gquale fit quadrato partisaleerivs.
Fiatigitur {uper AB quadratum AG,-
divifoque Iatere AD bifariamin E du-
«catur EB cui gqualis fiat EI latere DA

rodu&c:hatinfuper quadratum fuper
AT quodfit GI produétolatere HG in -
F:eritqueredta AB diuifa vt oportuit;
fiquidem re@angulom CG fub tota
CB fen AB,& fegmento BG ¢qualeett

- quadrato GIquod fitd fegmento alte-

ro GA: quiaenim DA fecta eft bifarid
inE, eiquein retum additaeft Al erit

reGanguluma fub DI, Al, hoc «ft ip-
fum
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fom DH vna cum quadratodimidiz
EA zquale quadrato ipfius EI, feu EB.
Eftvero quadratumipfios EBé zquale é 47.%
quadratis ipfarum AB AE. Vnde re-
¢angulum DH cum quoadrato ex AE
erit etiam gquale quadratis earundem
AB & AE.Ablatoigitur communi qua-
dratoipfius AE erit retangulum DH
zqualequadrato ipfius AB quod eft
AG; & rurfus ablatoabhoc quadrato

& retanguloDH,communi reGangu-
lo AF, re@tangulum CG relitum ex-

. quadrato , zquale erit quadrato GI
quod reliquum eftexre&angulo. Da- .
tamigitur reGtam ita fecuimus vereG®d-
gulum CG fub tota AB & altero feg-

. mento BG, quadrato partis alterius
G A eflet 2quale,quod erat faciendum.

Propofitiozz. Theore. 11,

In triangulo obrufangulo quadratum ls-
teris angulum obtufum fubtendentis
tante maius e quadyatis laterum

. eundem angulum continentium qui-
tum eft rectangulum bis comprehem-
Sum fubunolatere continente, & fub

, ; lnea
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* lineaextrinfecus affumpte ad cusus
extremum cadss perpendicularis dn.

" éBa ab alsero angulorim acutorum.

A In triangulo
ABC angulus
ACB fit obtu-
fus, produ@oq;
lacere BC, ex A
’ demittatur AD

B C D perpendicularis’
: ipﬁ';B,C', cadens
in D:Dico igitur quadratum lateris AB
obtufo angule fubtenfi tanto effe ma<
ius quadratis laterum continentium -
BC,CA, quantum eft re@angulum bis
¢omprehenfum fub BC & re&a CD
extrinfecus fumpta,ad cuius extremum
exacuto angulo A cadit perpendica-
laris AD, Quia enimrecta BD fe@aeft
vtcunque in C erit#'quadratum exBD
£quale quadratisex BCCD, & infuper
re¢angulo bis fub BC,CD comprehé-
fo: additoque vtrifque “quadrato re-
&¢ AD erunt quadrata ipfarum BD,
D A ¢quilia quadratis trium retarom:
BC,CD, DA, vaacum addito rectan-
: gulo
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gulo bis fubBC, CD, contento. Sed & 4. &
quadratum reétz ABFzquivaler qua-
dratisre&arum AD, DB, fgitur idem
quadratum reé&z ABzquivalet etiam
tribus quadratis redarum B C, €D,
DA, & re@angulo bis fub BC,CD c5-
tento. fam vero quia quadratum re@z
ACzqualeclt quadratis ipfarum CD.
DA, erit quadratam re&z 4B zquale.
quadrans refarum CB, CA'& reftan,
gulo bis contento fub BC CD.Intria-
guloigitur obtufangulo &¢.

Hizc & [equens prop. ad cas propamv-
mesextendisnr , gue numeris expriminom

pofnus.

Propo. 1;. Theore. 12.

In trzmgalt: amtmgults quadratum la- -
terisacuto angulo fubtenls tanto mi-
s off guadyatis laterum continen-
sium eundem angulum, gﬂanmm o
reﬂangulym bis comprehenlum fub
wne laterum continentinm ¢ fub,

aﬁumpra intevius linea prope acutum.
angulums ad ewins extremium cadst

per-
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perpédicularis aboppofito angule ducta.

In triangulo

A ABC angulus
- C it acatus,
ducaturque ex
. A re@a AD
‘ perpédicularis
B ,D C ipiBC. Dico
S ~ igitur quadra-
tumipfius AB angulum C fubtenden-
tis, tanto minus effe quadratis ex BC,
CA:quantum eft re&angulum fub BC
DCbis contentum . Quia enim recta
BC vtcunque fe&ta eft in D quadrata
ex BC,CD paria funt re&igulo bis fub

. BC, CD, vnacum 4 duobus quadratis -

exB D D C; (ed duobus quadratis re-
&arum CD, DA par eft  quadratum
ex CA:duo igitur quadrataex BC,CA,
paciafunt etiam re&angulo bis com-
prehenfo fub BD, DC & duobus qua-
dratis ex BD, DA. lam vero quia qua-
dratisex BD DA, zqualeet¢ quod fit
ex AB;eriit quadrataex BC,CA, ¢qua-

. liare@angulo bis contento fub BC,

D C & quadrato retz AB. Quare qua-
draf
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dratum cx AB tanto minus eft quadra-

“tisex BC, CA, quantum eftrectangu.
lum bis fub BDD C contentum, In t1id-
gulis igitur &c.

Propo. 14. Proble.2.

Datorectilineo aguale quadratum de- .

Sfersbere.
NS
N
B B ‘ F
D  E

- Sitdatum re&ilinenm A cui fiat s -
quale parallelogrammum BE; inquo
filateraB C, CE funt ¢qualia, ipfum
erit quadratum quale petebatur,
Quod filatera non funt zqualiaalter-
utrum puta BC producator in F, fic
vt CFipfi CE zqualis fir,fetique bi-
fariam re@a BFinG, centro G, fpatio
GB fiat femicirculus BHF, protra&o
latere EC vique dum fecet circulumin
H:eritque quadratum ipfies CH,¢qua-

le

4 45 1,
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le dato retilineo A. Du@s enim tela
GH, quia re&ta BF bifariam fe@aeltin
G & non bifariam in C,erit retanguli

{fubBC CF, hocelt 4 redtangnlum BE,

com quadraco ipfius GC ¢quale qua-'
dratoex GF vel GH; quz {unt linez =~
quales. At quadrataex GC < CH valent
quadratum ipfius G H; eadem ergo
quadrata ex.GC, CHvalentrectangu- -
lum BE cam quadratoipfius GC: reli-
&oergo communi quadrato ret¢ GC,
quadratumipfius CH valebit re&an-
gulum BE quod abinitio fattum elt -
quale retilinco. A. Quadratum ergo-
ipfius CA, zquale eritreilineo A.Fa-

* &aigitur quadrato fuper CH, confti-

tyerimus quadratum daroreilineo 2+
quale, quod esat faciendum.

|
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Definitiones.

1 Aqualescirculifunt quorum dia-
metri vel & centris lineg ad ambitum
ducte, funt zquales.
A € B : Linearefacir-
. ‘ culum tangere di-
citur quz cum tan-
gat, producta lon=
gius circulum non
fecat.Talis ¢ff linea
‘ £ 4B gus cum tAngat
circnlum CDE in punilo C, produtla lo-
gins eum now fecat, -
3 Circulife rangere dicuntur quicil
{e tangant, fe tamen mutuo non fecit.
Tales funt civenli CDE, CFG.
4 Incirculo zqualiter diftare 3 cen-
G tro
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A ¢ trore&xlinez dicum-
tur cum perpendicu-
laresa centro ad ipfas
G du@=z (uoc ¢quales,v¢
linea AB,CL equaliter
B distar a centro D, quia
, perpendiculaves D E,
DF,acétre D ad®pfas dutla, funt aquales.
Segmentum circulieflt figura quz
~fub re&a linea & circuli circumferen-
tia continetur. Talis et fignra contenta
relta A B ¢ circumferentia BC. .
' 6 Segmenti- angulus
. eft quire&alinea & cic-
A‘é:% cul?peripheriacontine-
‘ tor. Tales funt anguli
Ag B, '

B 7 Infegmento au-
/\-/-? : tem angulus eft cum
in fegmenti circum-
A ferentia fumpti fue-
~+ € rit pun&um quod-
piam, & abillo ad linex terminos re-
& fuerintadiun@z. Sic angulus ABC
estin fegmento CBA. :
8 Cum vero comprehendentes an-
gulum datz linex affamunt petiphe-
. riam

~
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A tiam, illi ipii af-
fumptz periphe-

riz angulus indi-

B citur fiftere. ot

4ngulm D.AB di-

citur snfislere cir-
cuuferétia DCB..

C 9 Seltor autem
B tirculieft cum ad
1pfum circuli cé-

D trii angulus fue-
rit cofticutus.ve fi

c ad centrum A fie
conflitntss angulus

- BAC.fighra BACD dicerwrfecior circuls.
10 Similiacirculifegmenta funt qua
angulos capiunt zquales;aut in quibus

angulr furitzquales.

Propofitiones.
Propoftm 1. Proble. &

Daricirculi centrum reperire,
Incirculo A B C ducatur re@aAC
vtcunque, qua bife@iin s D, peridem "
puntum D agatur perpendicularis
BG fattingens verimqueambitum, Di- ¢ .1 5.
uidatuc ¢ deinde reGta BG bifatiam in E
G: erit-

€l
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eritque puntum E
centrii circuli, Non
enim eritaliud’pun-
&nm in ipfa BG,
cum centrum non
peoflit in vlla linea
eflenifi vbi {ecatur
. bifariam.Sed nreque
extra re@am BG. Facenim efle in F du-
cnaturque FA,FD,FC;probabitur fane
angulum FD A effe reGiam;nam in trij-
gulo ADF, CDF latera AD, DFfant
zqualia lateribus DF, DC & bafis AF,
bafi FC, cum vtraque ducatur excen«
tro Fadambitum. Eruntd ergoanguli

'FD C,FDA =zquales, & proinde recti.

Hoc autem efle non potelt; namangu-
lusEDA retus eft. Maior igitur reto

" et FDA. Noneft igitur Fcentrum; fed

neque alind pun&um extraretiBG: -
Datiergo circali centrumeffE.

Propofitio 2. Theore. 1.

Siin circuli ambitu duo punitafuman-
tur, recta ad illa punita duciaintra
circulum cadet. ‘

Sumantur pun&a A & B, & ¢x 4 cen-
: o
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troinuento C ducanturretz CA, CB,
CD, Dico pun&tum D & quodlibet a-
lind re&zx AB cadere intra circulum.
Quia enim CA CB pares funt, parese~
runt anguli’ A& B eritque angulus® 5 ¥
CDB maior oppofito interno A; qua-
re cmaior etid angulo B;latusagitur CB e 16..
fubtendens dangulum maiorem CDB, ¢k
maius eft latere CD fubtendentewnino-
rem angulum B, Latus tamen CB ti-
tum pertingit ad ambitum, quare CB
quod et minus, ad
ambitum non per-

tinget.Non eftigh
- ' tui punctum D ex-
A S tracir¢ulum;quod

idem oftédetur de
quouisalioinre®a AB, fi ergoin cir-
culi ambitn &c.

Propo.3. Theore.2,

Siin cirewlo reclaper centrum ducla a-
Liam non duitam per centrum feces
bsfariam, fecabit quoque ad angulos
veclos. Etfi ad reé?a;jcgcct  Jecabit bi-
fariam. ' ‘
Re&a AB perxentrum E duta, fe-
, - Gz cet
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A cet CD bifariam
] in F, ducantur e
centro re¢tz EC,
ED. Quia e¢rgo
| CE, CF, zqua-
. lia funt lateribus
D~ c DE DF,O&baﬁs'A
P communis, erunt
sanguli EFD,EFC 2quales, ac proinde
re&i. )
Quod fianguli ad Frei fint; cum
latera EC,ED trianguli ECD pariafint,
erunt in triangulis EFC, EFD duo 2n, -
guli C & EFCduebus D & EFD ¢qua-
les, & laterat EC,ED angulis oppofi-
ta funt cqualia: zqualis ergo elt bafis-
FC bali FD.Siigitur in circulo &c.
Propofi. 4. Proble. 3.
Siin circulo recia fe fecent non per cen-
" trum ambe ducle , nonfecabunt f¢
mutno bifariam. ‘

Sienim per centrum tranfit vna,cer-
tum eft eam bifariam non fecari, cum
non nifi in centro poffit fecari bifarii,
& alteraex hypothefi per centrumnon
granfeat. Quod fi neutra tranfic per cé-

) trum
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teum, vtinreis AB, CD, intra circu-
lum ADB du&i i centtoEre&®AEF, fi
vtitnvis, in puné&o F fecantur ABCD

' bifariam erit an-

gulus EFC reétus,

¢ cum & altera per
‘ A centram du&a fe~
B cansalteram extra
‘ centrum bifariam,

: D fecetad rectos:{ed
ob eandem causam angunlus EFBre&us

erit:paresergo effentanguli EFB,EFC,
pars & totum, quod fierinequit, -

Propo. 5. Theore. 4.

Sidue tirculi f¢ mutyo fecent non babe-
bunt idem centrum.

Circulor@ A«B C

. & B fecantium fitidée
centrum E {i fleri po-

3 centro ad alterucrs
' fe&ionem, & ED fe-
cansvtcunque vtrumgque circulum in
puctis D &B.Quiaigitur cireuli AD G
cétrum ponitur E,erunt EA, ED ¢qua-

- G g4 les

~ ADCfe mutuoin A

teft; ducanturq; EA

I,
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Ies, & quia circuli ABC idem centrum

ponitur E, erunt EB EA ¢quales; ergo

& inter feefsét gquales ED,EB pars &

totum, quod eflencquit. Si ergo duo

circuli &c. '
Propofitio 6. Theore.§ .

i duo cirsuliinteriusfétangant , non ¢-

rit eorwm idem centrum.

' A Nam fi duo cit-

culi fé interius tan-

gantin A & puten-
tur habere idem cé-
trum E,duattis re&is

E A, & alia vtcung;

’B EBadcirculum AB,

S oftendetur vt fupra,

ED &EB, partem {cilicet & totum, z~

qualeseffeipi EA: quodabfurdum eft.

Sidue ergo circuli &ec.

~ Propo. 7. Theor.s.

In diametro civeulifi alind d centro pis-
Clum accipiatur,a quo recle plures in
circumferentiam cadantsmaximac-
riteaqua per centrum ducitur; mini-

_ 4 reliquum einfAem linea: aliarum
vero maioreft ¢a que tranfeunts per
’ - cen
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- * centrum eft propior, mgueplum qui
duz equales duct poffunt in circulam
ad vtrafguc paries ipfius minime.

A Indiametro AB
G fumatur punétum
C aliud 4 centro

\ D,ducanturq; vi-
ciq;rettz CA CE,

) < CF, CG. Dxcoma- )
' B ximam eamm efle

CAque tranfit per centrii D. Ductis e-
nim reétis DE, DF, DG quia trianguli
GDClduo lattra GD DC, quibus¢qua-
liselt AC maiora erunt 4 reliquo GC,
Maiorergd et AC quam G C;eodemg;
modo quibufuisalijs ex C dutis ofté-
detur eflemaior. ,

2 Deinde quialatera EC,ED,maiora
funt reliquo ED cui zqualis eft BD, fi
communcauferatur CD, latus CE ma-
ius remanebit qudm BC, & pariratio-
ne oftendetur BC reliquis ex C eﬂ'e
minorem. .

Rurfum quia in triangulis GD C
FDC, duolatera GD,DC,dnobus DF,
DCparia fant, & angulus GDC ma-

iog

« 19 I
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A N

iorquam FDC,erit.
bafis s GC, quz
propior eft ipfi
CA, maior remo-
tiore CF.

4 Deniquefi an-
gulo EDB zqualis
ponatur BDH ducaturque CH,in tria-
gulisEDC, HDC erunt bafes CE CH
@quales, cumanguli CDE, CDH, &
lateraecontinepia fint gqualia. Neque
vero plures poflunt duci ad partes mi=
nimx BC ¢quales prioribus. Sienim
cadant intra pun&a EH, remotiores
runt 3 re@ta CA, ac proinde minores

. ipfis CE CH.Siautem ducantur extra

punta EH: erunt propiores ipi CA’
acproinde maiores. Si igiturin diame-
tro &ec.

Propo.8. Theore. 7.~

Siextra circulum fumatur pnitum
guodpian, = g%0 ad Circulum ducan-
turreite quadam lt'nu',gaaram una
percentrumiranfeat, catere vt lubet

» " ducan-
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ducastur , veclaram que ducuntur

«d canam peripheriams maxima erss

gue per centram ducitur,¢ que buic
propinquior; maior ef remotiore. Ex-

tracirsnlis vero minima que ab af-

siipto piclo ad diametrid tédit, ¢ que
buic propioy, minor eff remotiore, Vo

dus tantums linee gquales caduntab

ab eo punclo in civculum ad partes

minime vel naxima.

E Extra circnld
ABCD fuma-.
tur punctum E,
aquo ducantur
quotuis reéte ,
quar@ via EA
pet/centrum F
tran{eat, cgtere
vero EB &c.
velubet cadant
in circulum.DL.
co Y. redtarum
quz ducuntur
ad concaut cir-
culi, maximam

efle
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effe EA quz tranfit centrum F. Dou&d

enim ¢ centroretaFB, triar')guli EFR
duo latera EF, FB zqualia iph 4EA ,

_ maioraerunt latere EB, & fic de reli-

uis.

2 Maior elt etiam EB quz progior
eftipli EA quam EC autaliaremotior.
Nam quia trianguli EFB latera EF FB
zqualia funt lateribus EF, FQ, trian~
guliEFC, & angulus EFB maior quam
EFC, maior berit bafis BE, quam CE.
3 . Du&isre&is FH, FI, FK, quia trii-
guliEHF maiora funtduo«<latera, FH
HE reliquo EF,( auferantur zqualia
FG FH,maior manebit EH extra circu-
lum, & reliquz EIEK, quam fitEG.
Minima et ergo EG, quz ad diametrii
GA ducitur.

4 Quiaintratriangulum EIF ducun-

turre&z EH, HE erunt hz4 minores
ipfis ELIF, ablatis ergo zqualibus HF,

- IF adhuc minor remanebit EH, quam

El, & ob eandem cauffam minor eft
EIquim Ek, quare minor et femper,
quz minimz eft propior. '

s Denique angulo HFG, fi zqualis
fiat GFL, ducaturque LE; quiatrian-
T . gula
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gula EHF; ELF latus habent commau-

ncEF, & alterum HF alteri LF zquale,

& parem angulum contentum lateri- ‘
bus, eruntbafeseEL EH zquales. Ne- * 4+ * °
que plures ®is duabus 2quales duci
poffunt ex vtrague patte minima EF:

nam aut propiores erunt aut remo-

tiores  minima EF, quam fint E, EH,

quare hisaut minores erunt aut maio=

res. Siergo extra circulum&ec.

Prc;poﬁtio 9. Theore.8.

Si abaliquo intra circulum punclo plu-
resquam dus redle aquales ad ambi-
tum ducantur, id puncium centrum
e

est circuli,
B .. Expunllo Ain<
tra citrculum BCD
A prater reftas AB,

' AC,¢quales, fitiif-

\ dem zqualis AD,
Cc<E >4y dudlilq; re&is BC,
2 CD, ?iiuiﬁfquebi- .

fariam in E & F,ducantnrad ambitum
" re&tz AE AF. Quiaergo triangulorum

ABFAFC latera duo (unt 2qualia e+
runt

-
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runt angulisad F zquales & redti, re
Gusitem adE. Qnia ergo AF redtam
BC diuidit bifariam ad re@os ,in ea el
centrum circuli, & ob eandem caufam
cltectiaminre®a EA centrum circuli:
Non poteltergo centrum aliud efle
quam A, quia [olum punétum A eftv-
trique AF & AE commune. Siigi<
tur &ec.

Propo. 10. Theore. .9.

Circulus circulum inn pluribus qui duo-
baspunlis non fecat.

A ‘ Secent fe 1

i X fieri poteft, cir-
" culi in tribus
pun&is A,B, C,
centroque cir-
) culi ABC inué-
‘ € tosquod fit D
ducantur retz D A, DB, DC:qugquia
zquales funt, & attingunc etiam ambi-
tum circuli ABE, fequicuré pun&um
D efle etid c&rrum circuli  ABE,quod
abfurdum eft. Non ergo fecabunt (e
circuli in tribus pundis.

. Pro-
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Propofitio 11. Theore. 0.

Siduo cirewlife interins comtingant reite
coniwngens eorwm. centra produila
incidet in contactum circulorum.

‘A Circuli ABC,
A DE intertus inA
fetangant: dico re-
¢tam quz ducitur
per centra F& G

K rein contaGtum A,

Nam fi freri potc&
recta coniungens centra fitIBK, inqua
centrum cirenli ABC fit], & alterius
H,iunganturque re&¢ AH, Al Quia
ergo AH, HI reliquo latere Alaiunt
maiora, & proinde maiota quim 15
quz cx eodem centro ducitur, fiaufe-
ratur commums HImanebit AR ma-
ior quam BH. Eft ergo HD maioripsi
HB, pars toto ; quod ablurdum eft.
Eadem demonftratio proceder etiamfi
centrum citculi matoris extra mino.
rem cadat.

BB

qualis e} FA, cade- .

a4 20,

Pro-

.
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Propofitiosz. Theore. 1r.
Si'duo circuli fefe exterius contingant;
linca recla centra comiungens per cs-

tactumsranfibit.

Sire€taco -
iungens’ cen-
itra circulorit
J/ABC, BDE
, fe tangétiumi

exterius in B noritranfit per contactum
B, led alibifecetin punctis C & D, iii»
gens centraF & G; ducantur reéte BF
_ BG, eruntgueduo latera FB, BG ma-
120. & i jorasreliquo FG.Sed funt etiam mino-
ra,nam FC ipli FB ¢qualiseft,exeodem
centro F,fimiliterque G D ipli GB erit
zqualis. Soperatergolatus FG reliqua
duo latera fegméto CDquod eftabluc-
‘dum. Re@a igitur FG neniungit cen-
tra, & nullatunget, nifi qua cranfibic
percontactum B.-
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Propo. 13. Theore. 1.

Cireulys civeulum non tangit in pluvi-
bus piaclisfiue intustangat,fiue extra.

© Namfi circn-
lum ABCD -
gatcirculus AE
CF interius in
duobus pundis
A& Cetunt di-
uerfa 4 circulo-

D rnm centra, ea- -
que in recta AC tranfednte per conta- 5 1. %
&us . Sie ergo G centrum ipfius ABC,

& Hipfius AEC. Tunc autem quia in

recta AC ponitur c€trum circuli ABC

effe G, efleccre®a AC bifariam digifa © 2
in G, & quia alterius circuli centrum

et H, etiam in H eflet dinifa bifariam;
_quod fieri nequit.

' Sed ne-
g que exte-
riuscirculi
AN * {e in plu-
c ribus pun-

s : &is tagée:
Sienim in pun&is B & C fe tangunt
H dudta
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dudi reda AD per centraA & D nec-
non per contattum C, itemque dudis
AB,BD adalterum conta&um B, pro-

~ baretur vt fup.s prop. latera AB BD,&

maiora & ¢qualia cffe lateri AD.
Propof. 14. Theore. 1.

Ins circulo equales recle linee dqualiter
acenstro diflant, ¢ que diftant acen-
#re agualiter inter f¢, funt eqiiales.
In circulo ABC
fint pares redta.
AD, BC, & ex cé-
tro Eagantur EF,
EG ad re&os ipfis

. .pC afecites bifariam,.
iunganturque E A,E B. Qnia ergo an-~
guliad F & G funcredi, quadratum ex
EA zqualeeft 5 quadratis laterum AF,
EF: & fimiliter quadratum ex EB duo-
bus quadratis ex EG, GB. Nuncquia
quadrata re@arum zqualium EA, EB
funt zquala,erit etiam quadrataduo
re&arum EF, FA, 2qualia duobus ex
EG, GB, & ablatis quadratis re®arum
€qua-

AD, BC,ideoque |
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xquahum FA, GB, mancbunt quadra—ﬂ

tareGtarum EFEG ¢qualia, quareEG
EF (unt 2quales,acproinde AD BC 2~
qualiterd ceritro diftant,

E conuerfoautem fi pofitum fit re-
. &as AD, BC diftare zqualiter i centro
B, oftendetur ex fuperiori demonftra-
tione ablatis quadratis reGarum EF,
EG zqualium, quadrata reliquarum
FA, GB manere ¢qualia; proinde & ip-
faselle ¢quales.

Propol. 15. Theore. 14.
Incirculo maxima eff diameter , ¢ ce-
- terarum ea femper maior, qua centro

of propmr.

Per centrum A

C DD  du@ diametro -
[SXIZ\% FG,dvcatur. Hk
propior cétro qud

1t by

K CD;,ad guas per-
perdicularibus &
centro ductis AL,

|}
R

AM, ex AL, quz sneceffario maior s 4 dn

rit, fumatur AN zqualisipfi AM, &
per N agatur BE ad retosipfi AL,iun-
;  Ha  gan.
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ganturue re&z AB, AC, AD, AE.
Nunc vero quia BE HK zqualiter 4
centro diftantes funtgquales, b &in
trizgulo ABE duo laterac AB'AE gqua-
lia diametro FG,

c maiora {unt qui
B BE; erit cadem
F diameter FG ma-

iorquam B E, vel
HK, aut quzuis

alia,”

2. Rurfus quia duo latera AB, AE,
duaobus lateribus AC, AD funt paria,
& angulus BAE maior ipfo CAD, erit
bafis BE feu HK maior quam CD,quz
eftd centro remotior. In circulo igi.
tur &c. ‘

Propb. 16. Theore. 15.

Lueab extremitate diametri ad reclos

amgulos linea ducitur extra circnlum
cadit. Neque alia recla cadere potef?
in locii inter spfam re(ta & perip/ae-
viam comprebenfum. Et femicirenls
quidem angulus quouis acuso reclili-

- meomaioreft, reliquus antem minor.
Ad
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"Ad pun@um
Aextremii dia-
metri AC duita
DEipfi AC per-
pendiculari.Di-
co re¢tam DE . .
extra circulum
cadere. Si enim

: - viscddereintra,
qualiseffet D AF, du@i ex centro re-
&4 BF, trianguli AFB cum dvo Isteras s, 1,
B A BF pariafint, effent sctiam pares
anguli BAF ( quem visefle reGum ) &
BFA,quodabfurdumett;duo enim re-, 4y, 4,
&i4in triangulo efl¢ nen poflunt. Ean-
" dem ob caufarh AF in circomfetétlam
‘caderenequit; nam etidm tum feque-
retur ineriangulo duosefle rekos: Re.
faergo D A neceflario extra tiroulum
cadit, '
2 Sednequealiare®a eadetintra re- *
&am AE & ambitumFA. Si enim id
putasde AG, ducatur ad eamé centro
perpendicularis BG;& quia re@tus eft
B G A, minor refto eritB A G: quare ,
maior eft BA¢ qnam BG fubtendens
minorem teo. At hoc abfurdum ef;
H 3 nam

3,
LY
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- nam BA ipi BH parti totius BG ¢qua-

lis ¢}, non ergo maior totd BG.
3 Angulusfemicirculi BAF quolibet
acuto eft maior : nam quiunis acutus¢it
fic minor re@o BAE, debebit conftitui
D A E  perrecti, puta
: \.\o GA, quz ad
N puctom A du-
2 neceflario
" caditintracit-
culum. Mino-
rem crgo an-
gulum faciet
quam fit an-

golus fcmicitculiBAF. T
4 Angulus reliquus HAF,quem con

_ tingentiz dicimus , minor elt quonis

reétilineo;nam fi minar aliquis confti-
tui poffer puta G A E duceretur reéta
GAinlocum inter re&tam AE & peri-
pheriam BF. Quz igitur &c. ' -
' - Corrollarium.

Hinc efficitur rectam ad exsrmum dia-
mesriperpendicwlarem sangere civeulnm,

s & inwnico punilo tangere; nam [ plnra
‘sangeres, caderes *imsraciveninm.

I’.rq-
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_ \Propo. 17. . Proble. 2.

;_Aﬂluta puncio reclem lineam ducere
Lghe damm cm;ulum tavgat.

Dato pun&o

~ A, &-.circulo
BCD, ducatur

T oex cenu"o Erec-
GaEA; & eo-
dem cécro [pa-
tio EA citculug
AFG; excite- -
turque ad D re-
.&a DF ad te&os 1pﬁ EA.Indciun@i re-
AaEFagatur quoque recta AB;! quam.
gandem dico tangere girculum BCD
in punéto B. Quia enim- triangulorum
.ABE, FED, duo latera AE, EB duobus
EF.ED funt paria, & angulus E com« .
munis, hzc triangula e habent juxta
4-1.Quare cumangulus EDF rectus fit,
rectus quoqueerit EBA, & proindere-
&a AB circulum # tangit inB, A dato 416 3
;rgo pun&o &ec.

H 4 Pro
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Propo. 8. .Theore. 14,

Si virculum tangnt recla livea; ducts
altera & centra ad consallum ipfitan-
Lenteeris perpendicularis,

S + Vefire@nAB.
.citculum tapgatin .

E Cre&aaltera DT,

" excentro D,ad ¢5-
tatum C, ipi AB,
exig gerpen_dicul.a-

E ris. Si énim anguli

: ACD,DCBnon
funt redi, erit corum walteruter ach-
tus, puta A CD, fed hic maiot oft
angulo femicireuli ECD, ¢rit etgo- ani-

"gulus femigirculi minot aliquobacuca,

quod fiering poteft. Angulierge ADC
DCB f{uns re@i, ac proirideré&a DG
tangenti AB et perpendicularis,

Propo. 1. Th{:or, 17. |

Si recta circuluns tangas, & adpunitm
 contailustangents ipfi perpendicula-
yis excitesur, inea erit circulicentri.

‘Reca AB tagat in C citculd CDE, exciw

tetuc-
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téturquead ca&td
C.teta CE, ipft
AB perpendicu- }
laris; in qua (i ne-
gas cfle centrum
circuli,fitergoa-
A ¢ B libi, puta_vbi F
: ducaturque FG
quaipfi AB erit# perpendiculatis,qua-
re rectus angulus A'CE recto afigulo
ACF eritequalis, pars videlicet toti, |
‘quod eft ablurdum. Non ¢rgo ahbi e~
sitcentrum quam in re@a CE.

Propo.20.  Theore. 18,

Ex ¢adem périp/am'a portione angulus
o . .

ad sesrum, duplus eft ius qui ad am-

. bitum extenditnr. ‘

Super [egmenta
A B, ad centrum C,
fiar angulus ACB, &
fuper eodem fegméto
AB ad ambitum exté-
datur'angulus AD B.
Quia ergo trianguli
: CBD
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CDB latera CB,CD funt zqualia; funt
» & anguli D,& CBD ad bafim ¢quales:
fed his duobus intecnis & oppofitiskex-
ternus ACB eft gqualis;idé igiturangu-
lus externus ACB, qui eft ad cérrd, du-

-pluselt ipfius ADB, qui porrjgiturad

ambitum. Ex eadem ergo &c.

. Eadem .demonftratio adhibebitur
fitriangula fe inter{ocent. Ve angulus
ACB ad cétrum, dupluseft ipius ADB
quiad ambitd. Nam du@ire@i DCE
eruntanguli CDA, CAD ¢ zquales, &

" his duobusgqualis externus 4 & oppo-

fitus ACE, cujus anguli gnia pars vna
angulus BCE , duplus et anguli BDC,
. reliquus ACB dy-

lus etiam eritre-

iquiA D B, quod

, p E erat probandum:
el enim angulus

/ADB angulus ad
ambitum, & ACB

* adcentrum, fuper codemaren AB.

‘

Prop,
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 Propofitio 2r. Theore. 19,

I circulo qui in eadem portionefunt an-
guli, ‘eqmle: unt.

S B Sit circolus AB
‘ ' ~ CD, &ineius por- |

tiene ABC fintan-
guli ABC AEC
iuxtadef.x 1, duca-
turq; ad centrit an-
) . golusF. Quiaerpo

tatﬁ"ahg’ulusdB'quugﬁ E, et %Fﬁxdiugm 420 3
* eiufdem anguliF, fequitureosinter (e

efle pares.In circulo ergo&c. .

- Propofitioz2. Theore.20.

_ Quadrilaserorum in circulo deferipto-
rum anguli oppofisi duobus recis sit
equales.

A

Defcripto qua
drilatero AB CD
in cirgnlo ABD

Bduciturre&e AD
BC. Tunc vero
quiaanguli CAD

P . CBDinsecadem

pottione CABD, * ** *
’ &
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& ﬁmiljter anguli DAB, DCB, ines.
dem portione B A C D,lunt etiam pa-
tes; totus angulos CAB duobus DCB
DBC zqualis eft: fed hi duo addito an-
gulo CDB fiunté zquales duobusre-
¢tis (confhtuentemm tridggula CB D)
Idem igitar angulus CD B, adiun&us
oppofito C A B efficiet. quoque ahgu-

Jos pares duobus redis.

Propoﬁuo 23. Theore. z0.

' Super eadem recia due circulorum por-

séones fimiles & inequales adeafdem
fm“wﬁmg/hmmw :

D " Sintenimfi ﬁenpo~
telt fupcr AB fegmen-
ta fimilia & inzqualia
ACB, A D B; ducifq;
rcﬂ:ls AD, BC, BD, e-
g funt anguhD,& ACB
- pares fuper cadé ¢ por-

“tione AB. At externus ACB interioti -

& oppofitos D par'efle ncqmt Supet

eadem ergorefta &e.

Prop,
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Propofitio24. Theoreza.
 Swper aqualibus rectis lineis fimilia ciy-

" culoram fegmenta inter [é funt a-
qualia. o

»

A "B Q . D
- Super re@is gqualibus AB,CD,con.
flituta fipe fimilia fegméra AEB, CFD,
quz i non funt zqualia; collocetue
ABre@a fuperipfam C D, cui c6gruet;
cum ponatur zqualis. Quod finon ¢5-
gruerétetiam fegmenta,tuncvel vRum
extraalterum totum caderet & fic fi-

.milia & inzqualia fegmenta fupec eadé
C D conftituerentur, vel voom cadet
partim extra; partim intra & tunc cit-

culus circulgm fecarevin pluribus pa-

Gis, quam duobus putain C,F, D, fi cir-
culi perficerentur, quod vtrumuis sclt
abfurdum. Super zqualibus etgo re.
&is &c.

_j’fda

«-2%.
d10.3

(e TR
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‘Propo, z5. Proble. 3. .

Data portione circuls deferibere civculis
cuins ¢ff portio,

In data portione

B__ -
5 ABC fumantus -
. c vtcung; tfiapon-
AV AN ) ~&a A, B,C; iun-
F

giturque duabus
retis AB, BC;quibusinD & E bi-
feétis, ad ea punéa excitentur perpen-
diculares DF, EF,vbienim fe fecabunt
putain Ferit circuli centram.Nam per
1.z.tam in re&ta DF,quam inaltera EF,
erit circulicentrii.Non alibi ergo qui’
inF, alias duo effent vnius circolicen<
tra, Centro ergo F, fpatio FA defcri-
betur circulus cuius portioelt ABC.
Propo, 26. Theore. 23.
Anguli equales ad cewtra aut ad ambi-
tum circwlorom equalium  infilfunt -
Sfegmientis aqualibus, v
Sintequales anguli AGC,DHF ad
.centra G & H, ducanturquc te&eAC,
DF. Quia ergo triangulorum AGC,
DHF, duo latera GA,GC duobus HD
HF
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F

HF (untpariz, &anguli G & Hponl-
tur ¢quales; erica bafis ACbafi DF2-* 45
‘ qua‘is,qua;c 8 arcus ABClarcniDEF 4.4, 4,
“eritzqualis.Rurfus fi anguli K & L fint,
zquales, erunte portiones AkC, DLF
imiles: quare cum circuli toti ponan-
tur zquales, fimiles quoque erunt ar-
cus ABCDEF. '

Te defy,

Propo. 27'.' Tllcore. 24,

Anguliad centra aut ambiyum equali
cirenloram infiffentes aqualibus cir-
cnlorum porsionsbus, funt aquales, -

Sienim anguliBDC, FHG 2quali®
circulerum, ¢qualibus arcubus BKC,
FLG infiftunt, &anguli ipfi non funt’
aquales;fit BDC maior, fiatque ang‘u-

us
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, X
BDUipfi FHG zqualis; équalesergo¢-.

runtarcus BI,FG,quode(t sabfurdum;
+ cumarcus BC & FG pofiti fite zqua-

les.Anguliergo BDC, FH Ginequales
eflenon poflunt,ac proinde s necangu-
liA &E qui funcdimidij ipforumD &
H.Anguliergoad centra&e. '
Propo. 24. Theore. 25.

" In aqualibus circulis equales recte au-

Jeruns & relinguuns aquales periphe-
7ias. o '
Nam £ in paribus circulis ABC

DEFre&z BC,EF funt zquales; factis
angulisad centra. G & H, erunt trian-

" gulori GBC, HEF duo latéra GB, GC

duobus HE, HF zqualia, cumque ba-

- fis BCbafi BF fit etiam zqualis, equa- -

les eruncangulia G & H. Similes ergo
por-
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portiones funt BKC,ELF. Et quia cir<.
culi funt zquales, fimiles quoque te-
linquentur BAC, EDF. In zqualibus
ergo &c. o S ‘

Propofitio 29. Theore. 26.
Iis equalibus civenlss equales peripherias
aquales recle line [ubtenduns.

- Nam in figuris fuperioribus i BKC, .
ELF, fumpt fint portiones zquales,
pares seruntanguli G, & H: fed & late-#37. %
ra continentia {unt 2zqualia,quarep ba-, >

fesBC, EF, quz fubtendunt zquales® **

arcusinter fe funt gquales.
. Propo. 0. Proble. 4.
‘Datam circumferentiam fesare bifarid,
Datg periphetiz A B C,fubtendatur.
re¢ta AC, diuifain D bifuriam,ad quod
pi&um excitetur D B,ipfi AC,perpen-
- dicu-
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B dicularis, eritq;peris
pheria A B C, bifarid
in B, dinifa. Nam du-
&is rectis AB, BC

via  triangulorum
A D < ?)AB‘ DBC, latus
DA ipfiD C, eft zquale, & DB com-

‘mune, anguliquead D redi funt, ¢-
_funtabafes AB, BC,zquales,ac proin-

dezquales b etiam peripherie AB,BC.
Setaeft igitur ABC, ' bifariam in B;
quod erat faciendum.

. Propofi. 31. Theare.27.

In circule angulus qii in femicivenls
recius eff: qui in portione maiore,msi-
nors ¢ qui in minore, masor recto:
infuper masoris portionis angulus st
mator reclo; mineyis, minor.

n/B - In femicicculo
ADQC, fiat veciigs
angulus CD A,

¢ Quem dico eflere-
&um . Nam exE
cétro duéti re®3
ED, & latere AD,
produdto in F,
quia



LIBER [ 1354

quia trianguli E AD, dno latera E A,
- ED funt paria, pares quoque eruntan-
. gulisEAD,EDA,& intriangulo ECD,
pareserunt ob eahdem caufamanguli
EDGC,ECD; totus ergo angulus ADC, \
duobus DAC,DCA,zqualis e®;fed ijl-
dem duobus oppofitis & internis z-
qualis eft# externus FD C, Sunt ergo ¢ 32. 1.
zquales quoqueinter feanguli ADC,
CDF;acproindere&tus vterque.
Et quiaintriangulo ACD , angulus

ADC, oftenfus el re&us,minor ¢ re&to
eritangulus BAC, quieft in portione
DABC, maiore quam fit femicirculus. . -
. Nuncvero fumpto vtcunque pun-
&o G, inarcu DC, du@ifque rectis
DG,GC, quia quadrilaterum et AG,
anguli oppofiti {DAC, CGD, vasda. 4
lent duos retos: fedangulus DAE
minor recto eft, reto ergo maior eft
angulus DGC, quielt in portione
DGC minore quam femicirculus,

- Sed & angulus maioris portionis qui
continetor reéta CD, & circumferen-
tia DABC maior eftreo ADG, to-
¢otum videlicet fua parte. Angulus de-
niqueminoris pastionis qui contine-

2 tus

5.8

€ X7 'I;_
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turreta CD, &arcu DGC, minor eft
quam re@tus C D F, pars videlicetqua
totum, In circulo igitur &c. ‘

Corollariuin,

- Sién triangnlo angulus aliquis dnobns
reliquis fit aqualis ss eris reclus. Ut fian~

AN gwlus «ABC duobus A
& C, aqualis est, cum

: externus s D B (yfdems
E C  Ag (fingqualis;aquas
D les etiam erunt ‘D B ([,

G AB(ideogue reéli.
Propo. 72." Theere. 24.

5i circulum recla tetigerit, ¢ 4 talls

ducatur rectaaltera fecans circulums,

anguliquos adtigentemfacit, aqua-

les exunt §s qui in alternis circulf
portionibus confiftunt.

Circulam ABCD, tangat reéta EF,
in punco D, exquo ducatur DB, vt»
cunque circolum fecans in B, deinde
excitataD A, ipliE F, perpendiculari
(quz erita diameter ) ducatur AB,sép-~
toque quouis punctoin arcu BD, puta

& 4 G, du-

?



LIBER 272 7

A , - C,ducantur e~
TR tiam reét¢ BG,
3 cb. Quo fa-

&odicoangu-

€ BD,cum tan-
gente EF, z-
quales eflean-
4 gulis, qui funt
in alternis cicculi portionibus. Hoceft
‘angulum BDF,pacem efleip(i BAD,qui
eltin portione ABD;& angulum BDE,
paremefleipi BCD, qui in portione
DCB céfiftit. Nam quiaangulus ABD,

in femicirculo 4 re&tus eft, celiqui duo v

BAD,BDA,vni re&o¢ funt pares; fed
re¢tus eft angulus' A D F, valet ergo
duosangulos BAD,B D A; ablatoer-.
gocommuniB D A, reliquiBDF, &
BAD, manent zquales. Amplius quia

los quos facit -

[
-
N -
L
-

AC quadrilaterum eft,anguliA, &G, -

funt4 pares duobus rectis, ficut &an-
, guliBD F, B D E; cum . igicur angulus
BBF,ipfi A, fit oftenfus aqualis, reli-
qui BDE, BCD, inter {e relinquintus
¢quales;Siigitur circulim &c, *

: 13 Pro-

¢ 22, 3} ;
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Propofitio 34. Proble. 6.

A datocirculo portionem auferre glm
:mguldmupmtparemangaladato. f

Sit datas
angulus F,
& circulus
"~ ABC, cui
ad quod-
> uis pun& i
" putaC, ap
chetuu tangens DE fiatque angulus
BCE, ipfi F, zqualis: eritque angulus
quiuis in portione CAB,puta BAC,b¢-
qualisipfi BCE, feu dato angulo Fycumn
angulus CAB, in alterna cu;culx feého-
ne confiftat.

Propofitio ;5. Thcore 29.

Siin circulodue reste [einterfecent,re-
Glangulum b fegmentis vnins a:
quale erit vectangulo fub f gmenm_'
alserins contente.

In circulo ABCD,re&2 AC,BD, fe
interfecent in E; quz fekio fi fivin cen-
tro,tunc cum omnia {cgmenta fint z-

) quaha
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(x )

D

qualia,eritre&angulom fub fegmentis
vnins, zquale rectangulo fub fegmen-
tis alterius.Quod i m alcerutra titum
puta AC, Gt centrum circuli, fecetque
» alteram BD, zqualiter & ad re&os in
E, tunc du&ti e FD ex centro F,
quiarecta AC, bifariam in F, & non bi.
fariamin E divifaelt, ¢rit reGtangulum
4{ub AE, EC, fimul cum quadrato ip-
fius EF, zquale quadratoipfius FC vel
FD feu duobusex¢ FE,ED;fed quadra-
tum ipfius ED, elt re@tangolum fub
partibus re¢tg BD, fe&z zqualiterin B;
Igitur re¢tangulum fub partibus EC,
EB addito quadrato ex EF, zqualeeft
quadratoipfius FD, Geut & re@&angu-
lum fub partibus inzqualibus ipfius
AC, adioncto ecodem quadrato ex EF,
fiebat zquale gnadrato ipfius FD; Ab,
lato ergo communi quadrato exEF re.

Gan~

4 53

c4h I
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Propo. 33, Proble. 5. .
- Super duta reitaportionem circuli
deferibere que capiat angulum dato

anguloreclilineo aqwalews. -

g _C

v osi angulus

datus {it reGus
vt D,& datarer
&a (it AB, eid
dinifa bifariam-
inE; centro E
{patio E B, du-~

cetur femicirculus A FB, capienssan-

s 3 5 gulunmre@um.
- /

Si vero an-
gulus datusfic
acatus,vt C,&
dataredta AR;
applicetur ad
cius extremi
A, angulusD
AB, ipfi C=-
qualis; deinde

re&i AB, diuif3 bifariamin E, .exciz-

~ turEF,adre@osipfi AB,8cad A, refta
AH, ad recos ipli A D, iungaturque
®B;cruntque triangulori EAG,EBG,

latera
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latera EA,EB,zqualia, & EG,commu-
ne, angulique conitenti,zquales, ¢qua-
lisergo erit & bafis GA, bafi GB, quare
. ficentro G, fpatio GA, ducatur circu- ¢ 4. %
lus, tranfibit per extremum B; nunc ve-
ro ducta re@®a HB, quia diametro A H,
adextremum A, dp&aeltad redosli-
neaDA, tanget ¢ hzclines circylum; &
quiad contadtu du&ti re&i AB; circu- ¢ 163
lum fecat, erit angulus DAB, fenangu-’
lus datus C,zqualis#angulo AHB,qui 4 ,, ,. .
‘eltinalterna fe@ione AFB,hecipfaigi-
tur feGio HFB,fuperdata AB,capitan-
gulum datq angulo g¢qualem.
‘ Similis
erit ftru-
/ &urafide-
~tur angu-
" lus obtu-
" TusC,& i
milis item
demgltra- .
R . Yo, capjer
enimarcus A H B, angulum obtnfum
BHA,ipfiGAI hoceft dato angufo Cy
squalem;Superdatacrgo&e,

t 1 4 Prup.
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Propo. 33. Proble. 5. .
. Super data reltaportionem circul
deferibere que capiat angulum dato

angulorectilineo aqnalem.

g €

i

vosi angulus

datus {it reGus
vt D,& dacare-
&a Gt AB, ei
dinifa bifariam-
inE; centro E
fpatio E B, du-~-

cetur femicirculus A FB, capienssan-

o3t 5 gulumre®um.
_ |

Si vero an-
gulus datusfic
acutus,vt C,&
datare@a AB;
applicetur ad
cius extremi
A, angulusD
AB, ipi Cz-
qualis; deinde

reti AB, diuif3 bifariamin E, excig-
~ turEF,adre®osipfi AB, & ad A, reéta

AH, ad rectos ipfi A D, iungaturque

©B,cruntque triangulori EAG,EBG,

latera
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latera EA,EB,zqualia, & EG,commu-
ne, angulique contenti,zquales, ¢qua-
lisergo erit &bafis GA, bafi GB, quare

- ficentro G, fpatio GA, ducatur circu- ¢ 4. %

lus, tranfibit per extremum B; nuncve-

ro ducti re@a HB, quia diametro A H,

adextremum A, dp@aeltad redos li-

neaDA, tanget < hzclines circylum; &

quiad conta&tu du&ti re@®i AB; circu- ¢ 16.3.

lum fecat, erit angulus DAB, feuangu-’

lus dacus C,zqualis 4 angulo AHB,qui 4 ,, ,

cltinalterna fe@ione AFB,hzcipfaigi-

tur feGio HFB,{uperdata AB,capit an-

gulum dato angulo gqualem.

' Similis

erit ftru-

Qurafide-

tur angu-

" lus obtu.

" {usC,& fia
milis item
demglira- .
' . tio, capiet

enimarcus A H B, angulum obtnfom

BHA, ipliGAI, hoceft datoangulo C,

gqualem, Superdatacrgo&ec. -

t 1 4 Prop. -
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Propo. 33. Proble. 5.

. Super data reilaportionems circul
deferibere que capiat angulum dato
anguloreltilineo aqnalems. ,
Y C ‘osi angulus

datus fit reGtus
vtD,& datare-
)3 - &a it AB, i
' dinifa bifariam-
inE; centro E
fpatio E B, du-~-
cetur femicirculus A FB, capienssan-
o st 5 gulumrefum.

! Si vero an-
- gulus datusfig
acotus,vt C,&
datareGta AB;
applicetur ad
A B eius extremi

A, angulusD
/€ AB,ipiCz=-
' qualis; deinde
re&td AB, dinif3 bifariamin E, excigg-
~ turEF,adre@osipfi AB,&ad A, relza
AH, ad redtos ipli A D, jungaturque

‘GB,cmntquc-ttin’ngulotﬁ EAG,EBG,
b laters
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lateraEA,EB,zqualia, & EG,commu-

ne, angulique contenti,zquales, ¢qua-

Nisergoerit £bafis GA, bafi GB, quare

- ficentro G, fpatio GA, ducatur circu- ¢ 4. %

lus, tranfibit per extremum B; nuncve-

ro ducti re@a HB, quia diametro A H,

adextremum A, dy&aeltad redos li-

neaDA, tanget < hzclines circylum; &

quiad conta&tu du&ti re@i AB; circu- ¢ 16.3.

lum fecat, erit angulus DAB, feuangu-

lus datus C,zqualis4angule AHB,qui 4 ,, ,.

ettinalterna fe@®ione AFB,hzciplaigi-

tur fe&io HFB,{uperdata AB,capit an-

gulum dato angulo g¢qualem.

’ Similis

erit ftru-

/ Qurafide-
tur angu-

" lds . obtu.

" fusC,8 ik

milis item

demgtra- .
- tio, capiet

enimarcus A H B, angulum obtnfom

BHA, ipli GAI, hoceft datoangulo C,

gqualem, Superdatacrgo&c.

v
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Propo. 33. Proble. 5. .
. Super data rectaportionem circuli
deferibere que capiat angulum dato

angulorelilineo eqnalems. -

g G

vosi angulus

datus fit re&us
vt D,& datare-
&a it AB, ci
dinifa bifariam-
inE; centro E
fpatio E B, du~

cetur femicirculus A FB, capienssan-

s s 5 gulumredum,

Si vero an-
gulus datusfic
acutus,vt C,&
datare&ta AB;
applicetur ad
eius extremil
A, angulusD
AB, ipfi C=-
qualis; deinde

re&ta AB, diuif3 bifariamin E, cxcig—
~ turEF,adre@osiph AB,8ad A, refta
AH, ad rectos ipfi A D, iungaturque
,Gb,emntquc-ttiangulorﬁ EAG,EBG,

latera
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latera EA,EB,zqualia, & EG,commu-
ne, angulique contenti,zquales, ¢qua-
lisergo erit £bafis GA, bafi GB, quare
lus, tranfibit per extremum B; nuncve-
ro ductd re@®a HB, quia diametro A H,
adextremum A, dy&aeltad redos li-
neaDA, tanget ¢ hzcline circylum; &

- ficentro G, fpatio GA, ducatur circu- ¢ +. 1,

quiad contadtu ducti re@d AB; circu- <163

lum fecat, erit angulus DAB, fenangu-’
lus datus C,zqualis # angule AHB,qui
eftinalternafe@®ione AFB,hacipfaigi-
tur fe&io HFB,{uperdata AB,capit an~
gulam dato angulo ¢qualem.
’ Similis
erit ftru-
Qura fi de-
tur angu-
lus obtu.
" MusC, & fia
milis item
demg(tra-
S ) tio, capiet
enimarcus A H B, angulum obtnfum
BHA, ipfi GAI, hoceft dato angulo C,
gqualem, Super dataergo&ec.

t I 4 Prop. -

d 23, 3.

[
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- Propofitio 34. Proble. 6.

- <A datocirculo portionem auferre gme

- :mgulum capiat paremangulodaso.

Sit datus‘
angulus F,
~ &circulus
“ABC, cui
ad quod-
* uis puncti

putaC ap
che:ut»tangens DE, fiatque angulus
BCE, ipfi F,zqualis: eritque angulus
quiuis in portiond CAB,puta BAC,b¢-
qualisipfi BCE, feu dato angulo F,cum
angulus CAB, in alterna circuli fe@io-
ne confiftar.

Propofitio ;5. Thcorc 29.

i in civewlodue veite [einterfecent,re-
clangulum fib fegmentis vnins e
quale erit veclangulo fub (¢ gmmm.
alserius contente.

In circulo ABCD,re@2 AC, BD fe
interfecent inE; quz feio fi fitin cen-
t:o,tunc cum orgnia fegmenta fint -

" qualia
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2).

D

qualia,eritre&angulum fub fegmentis
vnius, zquale reétangulo fub fegmen-
tis alterius.Quod fi tn alcerutra titum
puta AC, fit centrum circuli, fecetque
aalteram BD, zqualiter & ad re&os in
E, tunc ducti fe®FD ex centro F,
quiare@a AC, bifariam in F, & non bi.
fatiamin E divifaeft, erit reGtangulum
& fub AE, EC, {imul cum quadrato ip-
fius EF, zquale quadratoipfius FC vel
FD feu duobusex¢ FE,ED;fed quadra-
tum ipfius ED, elt re@angulum fub
partibus rect¢ BD,fe&z zqualiterin B;
Igitur retangulum fub partibus EC,
EB addito quadrato ex EF, zqualeeft
quadratoipfius FD, fcut & reétangu-
lum fub partibus inzqualibus ip%us
AC, adiuncto eodem quadrato ex EF,
fiebatzquale gnadrato ipfius FD; Ab,
lato ergo communi quadrato exEF re.

&dan-

L [ 1]

c4T ke
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&angula fub AE,EC,& fub BE,ED,re-
manent zqualia.

LA Sivero inal-
o terucra recta pu-
ta AC.fit centrid
B circuliF, & vtra-
que linea inz-
qualicer in Fdi-

r uidatur, dudtis
FD, &perpendiculari F G, rectangu-
lum fnb partibus AF, EC,cum quadra-
toipfius EF,par erit quadratod ex FC,
vel FD; Similiter re@angulum fub BE,
FD, cum quadratq ipfius EG, 2qualia
{unt quadrate ex GD, & hoc cum qua-
"drato ipfius GF, zquale ¢t quadrato
ipfius DF, quare additis ad re®anguli
{ub DE EB quadratisipfarum EG, GF,
¢ #n & feqquadratoeipfius EF fiet reGangu-
f5 3 lymfubDE, EB zquale quadrato ex
: D F,cui etiam zquale erat f reGan--
gulum fub partibus ipfius AC, aditi&o

quadrato ex EF; hoc ergo quadrato ex

EF communi ablato, re&angula fub
AE,EC,& BE,ED, manent 2qualia. =~
Deniquefineutra per centrum tran-

feat & vnaexillis bifariam fecetur,auc

~

neu- -



LIBER 111, . w3

& G
A
) r DD
A B
Q@ H CuyB

ieutra: ducatur per centrum F,& fe-
tionem E recta GH, tunc vero quia
fenfum eft re@tangulum {ub AE, EB,
:quale effe redtangulo fub GE, EH (fi-
e AR, diuifa fit bifariam five ng ) item |
e@angulum fub CE,& D, zqualeefle
idem {ub GE, EH,( fiue CD,bifariam
s&a fitfinenen) erit reGangulum (ub
.E EB,zqualereftangulo fub CE,ED.
uod erat demonftrandum, Siergoin
irculo &a. S

Propo. 36. Theore. 3o.

i apunélo extra circulis ducantur due
recle, lecans vna,altera tangens cir-
culum 5 veciangulum fub tota f¢-
cante ¢ parte que eidem adieciaeff
fque ad punitum; aquale erit qua-
Arato tangentss,

A pun.
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c 6. 3.

d 47, 1.
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A D ' Ex pun&oe A
ducatur A B, cit-
culii fgcans , qua .
primo trifeat per
C, centrum, aga-
B turque 4 infyper

’ recta AD, circu-
lum tangensin D, adiun@i ce@i CD,
quzeritfad reos ipfi AD. Quiaergo
re&ta BE, bifariam fe@a eftin C, & ei
adiun&aclt EA, erit reGangulum ¢ fub
AE, EB cum quadrato ipfius EC, vel
CD, ¢quale quadrato ex A C: fedhog
idem quadratnm ex AC valet duo fi-
mal 4 quadrata ex AD,CD;liigitur au-
feras qnadratum communeet DC,re-

. &angulum fub AE, EB, fit 2quale qua-

dtato tangentis AD.

Quod i linea AB, non tranféat per
C centrum, ducatur adeam CF pex-
pendicularis, item alig re&tz CD, CE,
CA.Cumigicar re¢tangulum {ub AE,
EB, addito quadrato ipfius EF, par fic
equadrato ex AF, addito cGmun} qua-
drato exF C, quadrataex AE,FC, feu
fquadratnm ex AC, gqualeerit réétan-
gulo fob AE,EB, adie@tis quadratis ex
| EF,FC,
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EF,FC,vel cii qua-

drato ipfius. EC;

Quia ergo retan-
gulum fub AE, EB

curn quadrato ip-

fius CE;vel CD, z-
quinalec quadrato

_ . ipfius AC,vel dua- )
ving AD DC; fi auferatur commune o, 4
x DC, vel CE, reGtangulum fub AE,

1 B, manebit ¢quale quadrata ipfivs
AD,Quod erat demonftrandupm. Si ex-

104 puntto &c.

" Propo. 77. Theote. s1. -

Si & punclo extra civculum ducanturre. -
(le dus, quarum altera fecet, altera
in circulom incidat , [itque recliem-
gulum Jub fecante, ¢r 4 iecta parte
vfque ad punclum, equale incidentis
quadrato; reéia illa ncidens circn-
lum tangit. o '

Expun&@c D extra circulum ABF duca<

ur re@a DA, fecans circulum in C, fie-

jue re@angulum fub DA,DC, zquale

Juadrato re&tz D B. Dico re@am DB

- tange-

an
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D

-

tangere citculum. Nam du&ti re&d DF
rangente «circulum in F iunganturé

centro Ere@2EBEF, & i re@a DAné

tanfit per centrum E,addatur etiam
DE. Nunc vero quia retangulo fub
DA D C,.¢qualceft s qnadratum tan-

“gentis DF, eidemque re@angulo fub

DA DC ponitnr ¢quale quadratum ip-
fius D B, erunt quadrata re&arum DF
DB zqualia, ideoque & ipfx ¢quales,
Quiaergo triangulorum DFE, DBE,
duo latera DF,FE,duobus DB, BE,{unc

‘gzqualia,& bafis D E communis; erie

¢ 3ngu—-
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f

¢anguli DFE, DBE zquales; e autem « &4
dangulus DFE re&us, reftus ergo e- , . i
tiameft DBE, ideoqueereéta DB cir- ¢ 16, 3
culum tangit. Si ergo extra circulum

&ec.
. *

\

, §§ prcees
_ £2§$3x§§§ |

EVCLI-



. ! )

528 , - :
69990050 TI0R07 806920058906 2900096
O AN O AT VN AN,
AN e X PN A SRS AN AN,
OBLO503530086LGHGE3DR0D3MGHEDER6H

EVCLIDIS
ELEMENTORVM
L‘IBER Irrr.

" Definitiones.

1 Figurare&ilineainalterarecilinea
dicitar infcribi, com finguli cius quz
infcribitur anguli ingula lateraattin.
gunt eius in qua dicicar inferibi.

L

©

MK X

_ Ottriangulum ABC,inferiptum eft in
tviangulo DEF: a triangulum GHK non
inforibisur intriangulo LM, quiaan-
Ewins H, nom astingit Litus MN. _

‘ 2 Figura
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.. Figura circum figuram - défcribi
licitur.cum fingula cius qoz circum-
‘cribitur latera%bgulps angulos tetige-
iint figura, gygintus el defcripta.
- Ot in fuperivribps exemplis s2ianghlum;
D E F; e3t diferiginm circa sviangninm
ABC, as triasgulum LMN, won tildef-
criptum CircaGHK. . . .
- B g Figura reili-
nes in circylo in~
A feribi dicitur -com
finguli eius anghli
] - circali tetigerine.

- Vi sridgulum ABC;
BT C  cirewlo ADB of
L L inferiptia,mon aniem
triangslum DEF, Lo
- A 4 Figom

v veto redki-

£ linea circa

circulil de~
fctibi dici-
tur, cii fine
c gula civs

B E ;
S oweoee 7o latera am-
bitum circuli cangunt, Ve sriangulum
A BC,dc’fcrip;nm ¢fE circacirowlum DE if
‘~ s Si-
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s Similiter & circulus in figurarect-

- lineainferiptus eft, cum €iusambitus
tangit fingula latera figurgin qua circu-

. lus defcribi dicitar. Pt csrculus DE F, in-
Jeripius eft in s¥iangnle ABC def. 4.
& -Circolusautem circa figuram def-
cribi dicitur; cum circuliambitus tan-
git angulos omnes eins figurz quam
circamfcribit. P2 in figura definitionis
tertia circnlns A(BD,defcriptus eff cir-
ca sriangulum A BC, won autem circa

“DEP, |
- 7 Re&a linea in
A g circulo accomo.
k -+ darivel aptarizdi~
" gitar, cum eius ex-
c tremain circulipe.
» ripheria faerint .
Vi linta A B, aptatacitin circulo ABC,

#on aptem CD. _

‘Troppﬁtiene:.

Propofitior.- Proble. r.
In datocirculo reciam accommodare -
-~ qualem data reite lince, que circuli

diametro masornow [it.
? - Inm



-
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In circulo
A BCaptanda
fitlinea zqua-

C lis ipfi E quz
diametro AC
maior non fic

ni maior dia-
'f.-r_-—- . metro 4 nul—.x; i

Ja_aptari po-
teft.Quod fi diathetro AC cller¢qualis

lineaE, ipfadiametér AC effer accom-

modata vt petitur. Siergo hinea E mi-
nor fitdiametro A C, abfcindatur z-

qualis AD,accentro A fpatxo AD du-
catur circulus BD; ivn&a enim re&ta
ABaptataeritin citculo ABC, & erit
gqualis ipfi E,cum E fitgqualis ‘Pﬁ AD,
cuizqualisetiam eft et AB.

Propof‘uo‘ 2. Proble. 2

In dato circulo triangulum deferibere
daso triangulo aquiangulym.

Sitdatus circulus ABC, & mangu-
lum DEF. Du&astangente G H ad’
pictum B fiat angulus & H BC zqualis 25. .1
ipi D, & GBAiphE ponatur zqualis,
ducaturque recta AC, & triangulum

K 2 ABC

~
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G B ., H

/ N\ A c

D E

ABC erit quod petitur : nam guia dn-
gulus HB% zqualiseft ipfi A in alter-
na:fe&ione, & eadem de caufa GBA

" ipfi C; erit quoque angulus D, ipfi A,
‘& angulus Eipli C zqualis; quare &

tertius F ipfi angulo B zqualis erit. In
dato ergo cirenlo &c.

Propo. 3. Proble.;.

Circa datums circnlum triabigulum def-‘

cribere dato triangulo equiangulum.
X e b

i e =
- SitdatuscirculusAB C, & triangu-

tum DEF, produ&toquelaterc EF in G
P &H



. ‘ELIBER 1IIIL 133

z H,angulo DEG ¢qualis fiatsad cen- ;4. «.
rum angulus AIC, & angulus BICan-
zulo DFH; necnon 4d fingula pun&ta
A,B,C, ducantur stangentes KL,LM, , ¢ .-
M K: erltque triangulum KL M dato ,
triangulo D E F zquiangulum. Nam
qnia in quadrilatero A1CLanguliad
A & Ccfunt re®i reliqui L & A1C € >
duobus re&isfunt pares: fi enim duca-
tur LI, duo triangula ALL,CLT habent
angulos pares4 quatuor redtis; ciigi- 412 &
cur duoredtifintad A & C,reliquicon-
tincbunt re&os alios duog, Siergoan-
guliALC, AIC,valét duos rectos,cum
anguolus A1Cfitzqualisipfi DEG, al-
xet angulus L par crit angulo DEF,
quandoquidem anguli circa latus DE
fint .duobus re@isgquales.Eodemmo- | -
doper quadrilaternm BICM oftende- -
terangolum M efle ipli DFE ¢qualem.
- Quate & tertias D, tettio angulo Ke-
tit zqualis. Circa datumergo &c.

B

K 3 Pro.,
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Propo. 4. Proble. 4.
I dato triangulo circulum defcribere.

- guli ABG
duo quiuis
aguli CBA,
centurs peg

> retas D B,

B F ¢ DC,occur-

é13, 1 rentesin D 1 quo pitto ducdtur s DE,

DF,DG ﬁngulz fingulis laceribus tri.

~gulidati perpendiculares. Nuncverd

" quia triangula DBF, DBE, habeut fin-

gula ad E,&F, vnumangulum reGum,

& altcrum DBE,calteri DBE zqualem,

latus infuper DB commune; eruntde-

‘tiam latera DE, DF ¢qualia; fimiliter-

que oftendetur- re@am DG, reétz DF
¢qualem effe. Siigitur ceatro D, {patio

DF,ducatur circulus FEG,tranfibit per

punéa E & G, tangetque latera omnia

trianguli dati ABC.In dato ergo trian-

- gulo&e,

1. enf.

926, g,

0%

Pro-

Dati trian-
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Propofitio- 5. Proble.5. -

Circa Assum trsangulum cirolum def-
etthere.

'.'D '.Trianguli dauABC
E duolatera AB, AC,

p ELIDE duo 3, A
U~ )™ digidantuc. bifariam
- inD&Ejadqugpun-

~ - &a excitatis perpen-

diculatibus coibunt illz, vel:.intra
triangulum,, vel inlatereipfo, ‘vel
extra, vt in figaris ordine apparet. Du- -
canturinfuperre@t2 AF,BF,CF, fiom-
nes,autalique carumantenon funtdu-
&z. Quiaergo triangularum ADF,
BD F,lateraDA DB {unt zqualia, &
DF commune, anguliquereétiad D;e- :
gitabafis AFipfi FB zqualis, pariter- ¢ 4.z
queoftendetur EC ipli FA eﬂgaequa- '
lem. Centro ergo F,{patio FA ducetur
circulus ACB, qui tranfibit perpun&a |

v Ks C&B
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C &B. Circa datum. ergo triangalun
&e. -0
* Propo. 6. Proble.s.
Irs dato circulo qud}am ' dejcf_rib_gre.

A7

" " In"dato circulo
ABCD, fecécfead
rectos in centro E
diametri A D,BC;
ducanturque retz
7D AC, AB, CD; DB:
oftédetor ergo omnes has lineas effe
¢quales bafes triangulorum fuoriiper
4.1 & fonyanguli fapraitlas bafes,pata
fuper AB, =quales, quia zqualia font
lateraEA, EB: cum ergo omnesangu-
Yiad E fint re&i, omnes quf funtfapra
bafes erunt femiredi, votus exgo angu-
lus ABD, & fimiles, st te@i: figuraer-
go re®ilinea ABCD, quadracieft,def-
f‘riptum in citculo; quod erat facien-
um, SRR ’

3]

Pro«
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Propofitioz2. Proble. 20.

Tirca datum circulum quadratum def-
L o cribere. .
Duis diametris fe fecitibus ad rectos.
nE centro, per earom extremaA,B,
C,D,ducantur #tangentes FG & fimi- 16 &
les, erikque figuraretilinea ¥G HK;in
quareilingum Ak et parallelogram-
mum, {unt enim é anguli ad A& Cre- 4 1. 4
&, ergodaters (AG,Ck pasllclafimi. < 2t &
literque,_parallelg (oot A C, G kprop-
terangulos ad B & E reckos. Cum er-
b o G goangulus-A
=T Ck re&us fit,
eritetiam# op- “‘
. poficus AGk 3% *
" terque oftéde-
tur sngulos ad
F.H, k,re@os

H o » efle. Item Gk
zquale el oppofito AC,¢diampetro cirr ¢ 3.
ouli, & omuta alia latera figutz FK o-
ftendentur diametro citculi zqualia.
Sunt ergo omnes anguli re@i & latera
gqualia in figura Fk, & per qonfcqucnl:
- Q 4

Lt R .
\x‘.\f . <
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elt quadratum . Circadatum ergo cit- .
culum. &c. . _ :
Propo.8, Proble. 8.
Indata q;mdrata circulum deferibere_s
A 3 B Dati qua-

- drati A D late-
\ -ribus AB, AGC,
Clx bifariam feétis

G inE&F, perE
re&aEG paral-
lelaipiAB, &

' : er F ducatur
< H D 4 ipiAC -

€33 L g o
i - militer parallels; eruntquea lateribus
quadrati & inter (e ¢quales. Et quia
Ak parallelogeammum e}, erunt late-
t34.1, Taoppofica FK AE dimidium laterisd

quadrati, gqualia: fimiliterque often-
detur omnesreftas kE,kF,KG,KH, =-
quales effe dimidio lateris quadrati, & -
intecfe. Centro ergok,fpatio KE du-
-+« cetur circulus EF GH tangens omnia:
latera quadrati. In dato ergo quadra-’
to&e, o o

P[OA-.L
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Propofitio.o Proble. .
Circa ditum quadratum circulum de-

Seribere,

A B - Indato quadratoe
) ABCD, dutisdia-
E metris f¢ fecantibus

inE, quia trianguli

ABClatcmAB AC
C D funt zqualia, ctunt
sanguli ACB ABC =zquales, & femi-

re&i,cumangulus CABre&us fit:imi-

literque oftendetur omnes angulos
geminosad A, B, C, D, efle zquales;
quare lateracEA EB&c. inter (cefle 2-
qualia. Centroergo E,fpatio EA,duce-
tur circulus ABCD, tranfiens perowm-
nia pun&a extrema quadrati, Llrca da-
tum igitar quadratum &c.. - -

Propo 10. Proble. 10.

, ‘]‘rmngalum {/' ol eles c(mﬂtmere in qua
veerque angulusad bafim fit daplum

rellqm

c6n

- Re&a AB feceturin Ciuxtarr. 2.ita

vt rectangulum (ub AB RC fiv ¢quale
. ' qua-
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quadrato re&2. Dcindefalto centrc
A, fpatio AB ducatur circulus BDE,
, in quosptetur

» re®aBD ipfi
A C =qualis,
iucis infuper
re&is AD, C
' D; eritq; trifs
. gulum ABD
2quicrurum .
Quare & & an-

- gali fupra ba->
fim BD funt 2quales. Nuncvero holce

" angulos fingulos effe duplum tertii an-

guli A, fic oftendo. Circa triangulum

~ ACD dutto ¢ circulo DCA,quiareéti-

gulum fub AB, BC zquale cit4qua-
dratoex CA {eu BD per conftru&ioné,
& AC circulum fecat, ipfa BD tangit

. ecirculumD C A, qudredngulus CDB

¢qualis et fipfi Ain alterno fegmento;

- & communi CD A addito, due anguli

A & CDA ¢quales fune duobus BDC
& CDA, hoc eft toti ADBvel ABD.
Et quia angulus externus BCD duobus
ginternis A & ADC 2qualis eft, eriti-
dem BCD patipli CBD, velADB; &

' B . proin-
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proinde s re@tz DC, DB zquales,cum , .
pares angulos fubtendant, Er quiaBD
pofita cltipfi CA mqualis, pareserunt
re&¢ C D,C A. Quarckanguli A & .
CDA zquales. Duplusergo eftangu. k5
Tusexternus BCD ipfius A, & eiv{dem
dupli quoqueanguli funt CBD,ADB,
qui ipfi externo BCD vpares oftenfi .
;lun'c. Triangulum ergo I{ofceles &c.

1

Propofi. 11. Proble.1z.

Indato circulo Pentagenum xqailaterif
& wquiangnlum deferibere.

Aflumpto triangulo s Ifofcele FGH, * 1
cuius anguli G & H dupli finc ipfivs F,

in circulo ABCD s fiat illi zquiangula ;o
' ~ACD,
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ACD, bifatiamque diuidantur anguli
¢ACD, ADC.lun&isdeinderectis AB;
BC,CD,DE,EA faGum erit quod pro-
ponitur, Nam quiaanguliADB, BDC

{urt pares, partes etiam erunt 4 arcus

AB,& B C; & eandem ob caufam em-
nes reliquiarcus funt ¢quales, & om-
nese reftz AB, BC, &c, zquales, qua
pares arcus fubtendunt. Sed & angulus
ABC, rangulo B CD &reliquis qua-
twor fimilibuseft zqualis, eo quodin
xqualibus (egmentis fint omnes. 1n da-
toergo circulo &

Propo. 1z. Proble.12.

_ Circa daturs civculum pentagonnm «-

guilaserwm deferibere.

Indato circulo ABC notentur quin.
que puncta A,B,C,D,E,fignantia quin-
que angulos pentagoni zquilateri in
cicculo s defcripti; ad que punéa ex
centro F ducantur tatidem re@=FA
F B & c.rurfufque ad earum extcema
ducantur tangentes qug concurrét Lin
angulis G, H, K & c. faumque eric
quod petitur. Nam quiain quadrilate-

1o
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o BFCk, quaruor anguli quatuosere-, 4, 4
&is zquiualent, fimititerque in quadri.
latero CFDL, & anguli ad B& C re&i
funt, fequitur angulos QKC BFC duo.
bus redis 2quivalere: fimiliterquean-
gules CLD
CFD: cum-
que BFC &
CFD fint an-
guli zquales ‘
dob paresar. 427.

H_A G

~' cusBC, CD,
/\ reliqui BKC
D & CLD erac
L zquales; pa- |

, ~ riq; metho-
. dooftendetur angulosreliquos penta-
goniinter fe efle zquales. Nune vero
effe zquilaterum fic oftendo. Dudis
1c&is FG,FM erit quadratum ex FGee-
- guale quadratistam ipfarum AF, AG,
quam iplarnm EF EG, Quare ablatis
quadratis ¢qualium AF, EF, quadra-
ta reliquarum AG GE manent ¢-
qualia , ac proinde re¢tz AG GE funt
pares. Cumque anguli FAG, FEG &
continentia latera fint zqualia yerunt
trian-

a7
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trispgula AFG GFE inktag.i. &idcic-

. coanguli AFG, GFE .zquales. Eadem

methodo oftendetur triangula FE M,
MFD efleiuxta 4.1. acproinde angu-
les EFM MFD efle zquales. Quarean-
guli,EFG,cii fint dimidijgquahii EFM,
eruntinter fepares. Quiaergo in trian-
golisGFE,EFM, duoangul: circare-
&am EF funt pares, & latus adiacens
EF communeefl; reliqua latera b & an.
gulierunt ¢qualia. Aqualesfuntergo
reée GE, & EM, dimidiz iplins GM.
Eodeth mods oftendetor AG efledimi- -
diam ipfins GH. Cumque dimidig GA
GE -oftenfz fint ¢quales crunt & tota

" ta latesa pentagohi GH,GM zqualia,

fimiliterque de czteris procedet dem G-
fratio. Ergo &c.

.. Propof. 1. Problcl; -
Indato pentagono .gqiiilatera & égﬂién‘ .
gwlo circulum énfcribere.

Dati pentagoni ABCDE, anguli duo
proximi EAB, AB C bifecencur s per.
reCtas AF, BF,& d puntto Fjin quo c5-
sarrunt , ducantur etiam re¢tz FC &

: ceterz
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czterz adreliquosangulos. Quia ergo
triangulorum ABF,FBC duo latera BA,
BC ¢qualia funt, & BF commune, aa-
gulique contenti ad B {unt pare; eritbé 4. «
totam toti zqualetnangulum; anguli-

*que & latera cotrefpondentia zqualia;
pates ergo funt anguli BAF, BCF.
Cumgque apguh BAE.BCD ponantur
gquales,ficut BAF elt dimidinm rotivs

- anguli BAE,itaBCF dimidiuin eritto-

+ tius BCD. Hic ergo angulus, & reliqui
in ortbem,{e&i funt bifariam.Ducairtor

deinde FG FH &c. fingulz fingulisla~
teribus perpendiculares. Et quia trians
gulomm GFB, BFH duo gnguh’ FGB, °
GBF duobus FHE, FBH funt pares, &

A o B latus FB cora-

X mune , equa-

lia ¢ etiam -, ;¢ &

- viclacera FG,

FH, & his pa=

~Cri modo -

N quales erunt
1 ‘K. FkFL, FM.

e D uare centro
Flpatio FG du@us circulus cranfibit
erpunéa H, K, L, M, & fic in penta-

: _ L gono
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gono circuluslerit defcriptus,
Propo. 14. Probl. 14,

Circa datwm pestagonum aquilaterim
& equisngulum circulum. defiri-
bereo.

. Datipenta--
goni ABCDE,
angulis ABC
BCD fe&is bi«
fariam per re-
&asFB, FC,in
F conuenien-
tes, triangulo-

sam ABF BFC duo latera BA, BF duo.
-bus BC,BF zqualiaerunt; & anguliad

Brcontentizquales. Bafis4ergo AF ba-
fi F C zqualis eft; oftendeturque vtin
fup. prop. reliquas FDFE diuidere bi-
fariam angulosreliquos, & omnesefle
lineasinter fe zquales. Ceatro ergoF,
{patio FB ductus circulus tranfibic per
reliqua pun&aC, D, E. Circa datum

- ergo &c.

Pto-
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Propo, 75. Proble.rs.
Indato civeulo hexagomum equilatersws
) & aguiangulom inferibere.
A ~ Indatocircu- :
1o ABCD, cuius -
B cenrram G, du- '
&adiametro AD
| centre D, {patio
DG ducatur-cir-
7\ culusE G C, fe-
( ) ~oll I' cans priorem in
—_— pundis E & C,
'du&ifque pér centtum Gad ambitum
‘re&is CF,EB, iunganturre&z DE,DC
&c. eritque triangulum EGD zquila-
terum; quate eius omnes anguliscrane® 5 »
" inter {e pares,& quilibet erit pars tertia
¢ duorum reQorum , cui per omnias 32 1
zqualeeft triangulum DGC. Iam vero
quiare@a EG cadenscin re@am FC f2-* ™ ©
- ¢itzquales duobusre@is, cum anguli ‘
EGD, DGQC, fint dug tertiz dnorum
re@orum fequitur angulom E G Fefle
partem tertiam ‘doorum re@orum, &
wqualem duobus priotibus angulis:siie
£rgotriadtriangula EFG, EGD,DGC . .
‘ ' - L2 yndis
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gono circuluslerit defcriptus,
Propo. 14. Probl. 74, .
Circa datum pentagonum aquslaterum
& equianguinm circnlum. dcﬁrg-
bereo.

. Datipenta-
goni ABCDE,
angulis ABC
BCD feéis bi-
fariam per. re-
&asFB, FC, in

. F conuenien~-

LD 7€ Ctes, triangulo-

- g ABF. BFC duo latera BA, BF duo-

“bus BC,BF zgualiaerunt; & anguliad
44 1 ~Beontentizquales. Balis#ergo AF ba-
i F C zqualis eft; oftendeturque vtin
{fp. prop. reliquas FDFE diuidere bi-
fariam angulosreliquos, & omnesefle
lineas inter fe zquales. Ceatro ergoF,
fpatio FB dactus circulus tranfibit per
reliqua pun&aC, D, E. Circa datum
eigo &c.

e

Pfo-:
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Propo, 5. Proble.rs.

Indaro civulo hexagonum equilasernm

& equiangubum inferibere.
o  Indatocircuy-
\ 10 ABCD, cuius
B cenrram G, du-
&adiametro AD
| centre D, {patio
DG ducatur-cir-
( v\c culusE GC, fe-

il I cans priorem in

. P pum@isE &G,
“duifque pér centtum Gad ambitum
-re&is CF,EB, iungantur re&tz DE,DC
&ec. eritque triangulum EGD 2quila-
terum; quate eius omnesanguliscrunt

" inter fe pares,& quilibet erit pars tertia
¢ dvorum re&orum , cui per omnia
zquale et criangulum DGC. Tam vero
quiare&a EG cadenscin re&tam FC fa-

- ¢itzquales duobusredis, cum anguli
EGD, DGC, fint dug tertiz duorum
re@orum fequitur angulum E G Fefle

~ partem tertiam ‘duorum re@orum, &
xqualem duobus prioribusangulissiit
£tgotriad triangula EFG, EGD,DGC
' ‘ ‘ - L2 yndis

a5 b

b32. 1

¢ I

da t
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vndique zqualia; & quia anguli FGA.
AGB, BGC funt ad verticem angulis '
prioribus, omnes fex anguli ad G funt

" 2quales:quare omnes circumferentiz,

AB,&c.funtzquales,omnesque freékg
fubtenfz. Eft ergo hexagonam AB
CDEF zquilaterum; quod idem elt x-
quiangulum; nam emnes anguli FED,
& fimiles conftant duabus tertijsdao-
rum reorum, vi-oltenfumeft. In dato
ergo&ec.’ '

Corollarium.

Hinc manifeflum off latus hexogoni a-
z;ulc eff femidiamesre civculiy nam latns

E equale e5t emdiametro DG,

- Propofr6. Proble.16. .
In dato circulo quindecagonam equila-
 ternm,Cr aquiangulum inferibere.

In dato. citculo AD C defcribatur
dtriangulum 2quoilaterum ABC, & pé-
tagonum zquilaterum ADEFG, cuius
angalus vnus conftituaturad aliquem
angulum triariguli puta ad A.Quia et~
go AB fubtendit tertiam partem cig‘cul-_

i
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H\ /
B Y 3'

. K, f totus circulus in quindecim pat-
‘tes zquales dinifus mtelllgatur, inarcu -
AGB erunt exijs quinque; & cam AG
fitquinta pats, in eoarcu erunt partes
tres; duz ergo Erunt inarcu G B: quo
diuifo bifariam in H erit BH pars deci-
ma quinta circuli totias. ‘Quare duétd,
fubtenfi GH , fiaptentur ¥ in circulo,

quatuordeam alizzquales,incipiendo-s 1, 4,

apunéto BvelH,defcriptum eritincir-
culo  quindecagonum z?ullatcrum :
quod etiamerit¢ equiangulum,cum e-.
ius anguli omnes fubtendant accus z- **7* *

quales tredecim latecum qumdecago-
ni:nam angulusHabarcu GH & eius
fubtenfa comprehenfus fubtendit ar-
¢« L3 qm

N

>
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‘eumG A D H & fic de cqterisangulis
pluralatera quindecagoni du&aeflen .
In dago ergo circulo &c.
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1 _Pars eft magnitndo ma‘gnitudim’s
minor maioris,cum minog metitur ma-
lorcm.Hac e§t,Pars efk magnitudo miner
€ maiore [umpta cum minot aliguoties re
pesisamerisnr pracise, ¢ adaquat maio-
rem: vt 4. of pars spfins 12.quia repetendo
ter g. adeguamus 32.Var hoc libro plevis -
gwenumerorum cxemplis fub quibus quan.
sitates comginue, cwm opus fueris poffunt
mullzg:.

" Partem qug metisny totums folemus A-
liguotam nominare, camque hic folam vi-
detwr Enclidis definive; folcs samen parsdi-
gictiam ca qug totums non messtur, & vo-
¢ariposest Pars Aliguawta. Sic'y. o3 pars

' L 4  ipfims
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fius 1 2.ctiamf praciss non metiatur ipfum
" ‘x2.Ptraque pars bac definitione compre-
hewderetur. .

Parseff mgnimda mngnit_ud_inis Fre
BOY MALOTIS, CHmM minor Yepetiia maiorem
poteft excedere. o
2z Maubkiplexeft magnitudo magnitu-
dinis maior minoris, cum minor meti-
turmaiorem. V¢ 12. e5t multiplex ipfins
§:qnia 4. metitny ipfams 12, Minor veroree
Jpeits maioris dicirur Submulciplex. &-

quemuliipBes denique magnitudines funs
guea fuis fubmulesplicibus pari numere
sepetitis adequantwr, Sic 4.ad 25 & 6. ad
3. funt equemnitiplices,quia ficwt 2. bis ship-
tum adeguat 4. ita3. bis fumptum meti-
wr 6. '

Pwinerfalius, Multiplex off niagnitndo
magnisnudinis masor minorss, cum minor
vepesita maiorem porest excedere. Sic1z,
St mulviplex:ipfiuss. &e. :
3 Ratio eft duatum magnitudinum
ein{dem generis mutna quadam fecan-
dum quantitatem habitudo. Qwod Gre-
ci Adyog dicuns, Latini reddant nunc Ra-
850, nwne Proportio, @ bis vecibus vtemmur
promifewé, Estergo ratio feu propvrtiz ha.

. - bitw-
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bitudo quadam fecundum quantitatédna.
r#m magnitudinym ciufdcms generis. Non
enim conferri poffunt linea cum fuper ficie,
Jedlinea cum linea, fuperficies com fuper-
fleie . " o

Magnitudinum veroqee snter f¢ confe-
runtwy potest vna altevam fupevare excef
Jugninumeris exprimi poteff, vt cumex-
cedit vna fecunda fen dimidio, vnatertia,
vnaquarta, aut fimisexceffu, cuins babi-

- fudo nwmevris concipipotefs: ¢ inter bwisf-
mods magnitudines st Proportio ratio-
nalis. e 2ut magnitudo magnitndinem fu-
perat excefls qus uumerss exprimi pracife
non porefl; & inter eas ¢ff Proportioirra-
tionalis. Sicinter diametram ¢ coSlam
[fets latas quadrati e5t propertio srrationa-
lis, quia diameter excedit coffam exceffu
guineque eff vna fecunda cofta, neque vna
tevtianeque in vila alia comparatione, que
numeris poffit exalle definiri; finc ad coff
comparetur , fine ad ipfam etiam diame-

" trum. Porvo quantstarum inter quasex-
primitur proportio gus priov iu cafwu nonii- -
nands [olet efferri, dicitur antecedenspo-
Sflevior gue fubijci folct in alio cafn dici-
$ur con fcqucns.-’Ut cHms dico numerus 4.
et
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eff duplum ipfins 1,vel 4. off duplum ad'ip-
fum 2. Asnitecedons e5t 4. confequens 2.
4 Rationem feu proportionem dict-

" “turhabere inter f6 magnitudines quz
multiplicatz poflunt fe matuo fupera-
e Nullacff ignur proportio finiti ad infi-
witwm , limee ad fuperficiem, cumnnlla
multiplicasione poffie fperare ant finiswm
infinitum , ans linca fuper ficiems.

s Ineadem proportionedicunturefle
Jpagnitudines prima ad fecundam &
tertia ad quartam, cum primz & tertig
zquemultiplicia, 4 (ecundg & quartz
#quemultiplicibus ( qugcunque fitea
.multiplicatio) alterum-ab altero vel
vnadeficiunt, vel vna gqualia, velvna
maiora funt, fi fumaptur vt inter (¢
refpondent.

Hoc est, fidemur quatuor erdine mq;-
nitndines.¢& [umpto gBosss equersulispli-
¢i prime & tertia,itemque eodem ant a-
bo aquemnltiplicifecunde & quarie, fem-
per enenias vt cum multiplex prima fupe-
rat, aguat, antnon atingst mulsiplex fe-
vunde, multiples etiam tertie fuperet,g-

‘quet,ane mom attingar multiplex quarte,
tuem demum dices ¢ quarmor illis magnitu-
' C diwibws

N
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Ainibus primam in ca proportionc ¢ffe ad
feckindam in qna ast texiia ad quartam,
Tales funt magnsindines
i,_ ’fl :; i‘g ABCD: wam ﬁf:‘gmmdn-
S 6 12 9 plnm apﬁm'cmA ¢ C, tri-
42 6 plmywro ipfarum B¢ D,
A B € p e myliiplum prime
guodcft 8 fuperat mulsiplum
[ecunde 6, ita wulsiplum ipfins (, fuperas
sunleiplum ipfins D. In fequenis vero ordi-
ue in guo [umitar sriplums prime ¢ teviig,
Jexinplum veve fecunda ¢r quaria, mwlti-
plafuns paviser equalia; ac denigme in fu-
premo ordint fumpse duplo primsg ¢ tertia,
olluplovero fesunde & quarte, ficus mul-
tiplum prime wyjuns ¢t multiplo fecunda,
ita multiplum tertia multiplo gnarta; Ne-
gue alind eneniet inalia vlla mubiiplica-
tione. Ex quo colligimus primans ad fe-
cundamineadem eﬂf ratione,inquacfter-
tiaad quariam.. "
Ab hoc indicio inbet Enclides innefii.
. garianmaguundines incadem proporsione
fints quod quemado cwm natwra intima
properssonalium gobereas fic ofende. Quiss
7atio few propertio eft maguitndinwm fe-
ewpdums quantitaiens comparasio; mml e.&j
alin
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alind magnitndines in eadem yarione effe,
guams effe in eademce mparatione few babi-
tndine maioris ¢ minaris,sotius €3 partis;
Sinomzn partis latins fumatwr, vt compre-
bendamus etiam proportionem irrationa:
bems. Non poteff antems ¢ quasnor magns-
tudinibus prima candem babere compara-
tionems maieris adfecundam minorem,
guam babet tevtia ad guartam; nifi fecuns
Aa &6 quarsapari uumere multiplicae fi-
mislster fe babeant ad maiores, quoad ex-
ceffum, €8 defellum. Sienimexempligra-
tia cum fecwnda Beer repetitanon exce-
das primans oA, quartatamen D torac-
123 g 20004 fuperet tertiam C, ma-
y 1y Bifestum ezit D non effe ita

A BCD sinfo (, fiewr B ipfo A

ant puodid; e, (ot efic ita mainsipfo D,

- fiewteff A ifﬁ B, asqueadeo quarwor illas

magnitudines n0effcin cadératione. Iz ve-
re perinde efbcoferre minores magnitudsmes
B&r D,admasores fingulas A ¢4 C.atq; ad
eafiem A & (parinnmero mi¥iplicatas.
Nam necefeeff guogne Fmiles partes eode
‘wwode ¢ bhabere guo ad -exceffum ¢ defe-
vihum ad fua-sota equalieer multiplicata.
Si emims coumy'B fexies fawmpteim, non exce~
[ i T v [P P dﬂ‘
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dat A bis repetitam;D tameé fexies accep-
tums, [uperet C bis repetstnm; manifesinm
etram inde erit Bron effe1alem partem ip-
Jins A qualis eff D spfiws C fen quod ide eff;
C naitaeffe mainsipfo D ficut eff Aspfo B.
1dipfum vero est.quod Euclidesdocet; ix-
bet enim maiores magniindines 4 & C
aqualiter multiplicars, feu prima €9 tersie
Sumi aquemnlisplices , mubtiplicati etiam
aqualiter minoves,fewpariss Bear D; & fi
Jemper codem modo fe habean in cxceffu &
defeiinadtora A & Cagualiter mulsipli
cata, reliecolisgit, Aeffein eararsone ad
B,inguacft(ad D.Arque boc fzne qui pes
nitius imellexerit pevinde effz in «Sparasios
ne maiovis ¢ minoris, (e 1n propoersione,
conferve vnum ad vnum , atgue plura ad
plura pars numero mulbsiplicara , magno

compendio veritatrem oninivims propetheo=

Yemarum busus eleméti penetrabit,cadem-
gue fine lango fyliogifmornm circxits refol-
wet flat:m in prima axiomaia, Omnetois
fjfe aquale onnibms fimul fuss Partxlms, &s
¢ contva omnes part. . tuts aquales effe,alia-
que bis affnia prowuntiaa. Neque vero se
moucat guod in buins definitroms explica~
tionc excmplum adinbu:rim nuaerornm,

in
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in quibu3 femper est propertio vationalss,
cums tumen indicium ab Euclide allatem
aleds essam in irravionals, perinde enims
_ fuern fi loco wwmerorum wiagnisudines
[ubititmas in proportionc fen rationalifen
srrationali conititmas: quodidem intells.
Larurinomnibus exemplis buins elementis
6 ' Magnitudines qugin eadem ratio-
ne feu proportione {unt Proporciona:
les vocatur.Ur magnitsdines 4,8,C, D,
4 2 6 3 fmft praportian_‘ules qnia .bxfm
prioves, ¢& bingpofieriores
4B (D funsineadem propertionc_.
% ‘Quanido zquemultipliciom multi-
plex ptimz exceflerit multiplicem fe-
cundz, & multiplex tertiz non excel-
ferit m’ultiplicem quartz ; maiorem
proportionem tum habet primaad fe-
cundam,quam tertiaad quartam. Pates
bge definitio ex quinta. Nedue alind val,
guam fi dicas, maiorem effe proportionem
prima ad feciidam quam tertie ad quar:Z,
cums inser primam maiorem 7 fecandam
minorem maior off inequalitas,quam inter
tqrtiam & quartam.Hoc autem inuefliga-
ri inbes eodem quo in quinta definivione v- |
" Jus e§t indicio.Sienims cum duplum primg



~ LIBER V.. 159
8 6 12 15 oA excedattriplum [ecunde
‘4 2 6 s B, duplumtamentertigC no
A B C D excedas triplum quares D fa-
tis pasebit maierems effe excef-
fum ipfius A fupra B, quam ipfius C fupra
D ifenprimam A wasorem babere ratio~
nem ad fecundam B, guam sertiam C ad
guartam D. ' ‘ -

-8 Analogia feu proportionalitaseft
rationum Feu proportiénem firhilitu-
do. Qwia Latsni Rationem & Propor-
tiom%fn eodem funssint quam Graci A-
nalogiamdicunt : nos Propertsenalitatcm
distintionis gratia nominabimus. ESt er-
go Propertionalitasrationsm fimilitado.
Vt fimilitudo qua ¢ff inter propertionem
duplam quamtitatam 6 ¢ 3,¢5 inter aliam
dupham guantitatum 4 & 2, dicisny Pro-
portionalitas. :

9 Proportionalitasin‘tribus minimi
terminis confiltit. Cum enim fit fimslirn-
do duaram proportionnm , ¢ vnaguague
proportio fit intet duos terminos, quatnor
terminos veguiret Proportionalitas s nifi
rerminws vnus bis repetatnr vt cum dico

Jient 8 ad g1t 4 adx. Ettunc :yes sermini’
ad proportionalitatem fufficient.
' - 10 Cum
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10 Cumtres maguitadines propoc-
tionales fuctine, prima ad tertiam du<
plicatam rationem habere dicitur cius;
quam habet ad fecunddm. Ve guia pro-

_portionales funt 8,4, 2,prima8 adsertiam

2 dicisur duplicatam habere proportionem
eius quam habet adj:cundam 4.
11 Quando vero quatnor tuerintpro
portionales magnitudines, prima ad
quartam triplicatam habet proportio-
Bem, & ita deinceps vino amplius, qui=
diu proportio extiterit. ¢
12 Homologz dicuntur magnitudi-
nes,antecedentes quidern antecedenti-
bus, & confequentes confcquentibus:
Tt in quatnor magnisdiuibas proportio-
nalihus 6 3, 42, prima6 @ tertia g qua
Junt ansecedentes dicuntur homologa, ficus
& confequentes 3 ¢ 2. .
13 Alterna fen permutata proportio
et fumptio antécedentisad anteceden .
tem, & colequentisad confequentem,
dequa agitur prop16. vt fieft, ficut 6ad
3ita4 ada, erit antecedens 6 ad antece-
dentem 4 vt confequens 3 ad confequen-
temd. o
3¢ Conuerfaratioe® fumptio confe-
: quen-

--
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‘quentis vt antecedentis ad anteceden-
tem & ad confequentem. Deguaprop.; 4
Usfiefl, fiews 6ad3, qu.ad 2, erit con-
‘uersendo,

Vryad6 mzdd4

15 Compofitio rationis eft fumptio.
antecedentis cum confequente, velne
vnius,ad confequentem Dequa prop. 8.

Ut fiest, ficut 6ad3itaq adi: Lm com= .

ponends.

Tt gads ‘Stafad 1. ;
16 Diuifio rationis eft fumpno eX-
ceffas quo confequenté fuperatante-
cedens, ad ipfam confequentem. De

gua prop. 17,

Vi fief fiest sadsita6ad revis dtmdedo. |

VPt 64d 3 itagqad 2.

17 Conuerfio rationis cft fumpuo

antecedentis, ad exceflum quo antece-

dens fupéerat confequentem De qm

prope.19

Ut feﬂgad;[cm 64d 2. Erit per con~

uerfionem rationis.

' Pt94d 6 ita6 adg.

18  Ex zqualitate ratio ef}, cum fue-

rint plures magnitudines, & aliz ipfis

numeto zquales, qug bing & binzin
M eaded
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ezdem ratione fumantur , fueritque vt
in prioribus primaad vltimam ; itaend
in poltenoribus. Vel e stiptio extre-
‘marum ptr fubftradionem mediarum.
Us fifint plures magoundines A,'B, C, ¢5-

alie sorsd:m D, E, F, bing €5 bing binain
‘s eadeny ratsone, hoceff vt A ad Bisa D ad
&, vt BadCisa E ad Fyerit ex aquo in
priovibas A ad vitimam C, ita ciiam in
poiterioribus prima ‘D, ad F.-

. SAB(|DEF
12 6 3]‘8‘4 z

.

-~

Exagmo 12 adz 8 ad 2. .
19 Ordinata proportio eft com fue<
racveantecedensad confequentem,ita
- antecedensad cofequentem fueritetia
vt confequensad aham quampiam, ita
~ confequens ad aliam quampiam. -
Daupliciser inStitni poreit proportio ex
aqualitate vno medo quandosam in prio-
vibus quamin posierioribus comparantuy
prima cum fecunda, & fecundacumter-
tia: & bac et ovdinasa proportio qua hic
definstyr & de qua agitur prop, 22: esufguc-
exemplim pofitum ¢ftdefas. Alsero mo-
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do ﬁt proportio ex aquo, cum ordo pertur-
barwr inpoSterioribus, vt apparebit deﬁm~

tiode fequenti. ‘
19 Petrarbata propomo eft cum tri-
bus éxiltentibus magnitudinibus & to-

- tidem alijs, fueritvtinprioribus ante-
cedens ad confequentem , ita‘etiam in

- poftecioribus : veautem in prioribus
confequensadaliam quampiam, itain-
pofterioribusalia quxpxam ad antece-
dentem. '

Uefifie qnemadmba'nm in priovibus o A

ad B, itain postevioribsisE ad F, vt veroin
pmrdms B confequens ad aliam quam-
piam C,ita in poitersovibus alia quapiam
D ad antecedentem E, evit hac perturbata

" preportio. degna agzmr prop. 21, 23,

4 B CID € FRi
)12 8 4l 12 6 4
Ex equorn 4 n 4. -
f ubetad extremum breui fchemate
ponere fub oculos omnes hafce pro-

portionum formas quas animo fismi-
ter comprehendifle plurlmum tyroni-

. bus proderit.
' Mz Quia.
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Quia St vt 9 ad 3 ita 6 ad 2

Erstetiam,

Peruutands 9 '3 3 p
Canmertendo 3 9 \1
Compenends PVt 12 P ad 3 P ital .z pradd
Dinsdendo N, 76\ 7 R :
Per Lomrat - 9 'y " .

_ Proportio ex zquo.
Ordinata. Periurbaza.

"ABC|DE F||4 BClDJ’F :
126 3|8 4 zJ 12 8 4[::64%
fx ‘equo 12ad 3 Bad3 124d4 124dy

. Negne vero difficile e aduertere ex ipfis
“nmmerss in ommnibus bifce erdinibns qua~

,  twor magnitndines effe proportionales, fow
minares quantitates ¢ffe fimiles maiorums
partes: Namsinpermusata ficut 6 eff pars
Jublefauialiera ipfins 9, ita Zipfins 3. Sew
quodidems eit, ficnt 6 femel continetur in
9¢ ﬁfper/?mt 3 pars dimidiaipfius6; ita z

Jemel continetur ins, & [uperest 1. pars
dimidiaipfius3.1dems inveliguis o rd:mbus

LR

deprebmde:.
s
SR
Tt "5"‘?‘4‘%‘9’*"3‘*
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' Propofiriones.
~ Propol 1. Theore. .

| SE. ftéerim guotcynque. magnitudim:~ ‘

quotcungie magnitniinume wAIBETe

 aqualinm  equemubtiplices Sfingule
fingularum; quammuliiplex eft vna

. umins , tam multiplices eruns gmnes

" omninns.

E 10 S F Hoceft, }Equemultipfﬁ
/ "\, ¢ilummagnitudiium quam
. Ymaltiplices funt fingule
© 6 3 4 2fingularum, tam muluipli-
A B C( ces {unt omnes emnium
Vit quia gquemultiplices func A ad B,
CadD;fiA & Ccolliganturin E, imi-
literque B & D-colligantur in F,quam
multiplex-erat Aiplius B, tammalti-
plexcritEipfusF. = o
- Nonenim maiora aut minora fune
totaquam fug omnes partes: nonpo-
teft proinde totum E pluriesvel pau-
ciore numero continere totum F, qui
A& C partes omnes totius E, contine=
£t B & D partes omnes totius F, '
T T M Pee
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- Propofitio 2. Theore. 2.

S5 prima fecundsefueris ita multiplex va
tertia quarte, fuerit antem ¢ quints

- mmnltiplex; fecunde vt je'gcta quarte;e-

- erit compofitaex prima & quinta fe-

* cundaita multiplex, vetertiadr fex-

taprime. . -

Sit prima A jtamultiplex Té{:‘;{ndz _
B,ficuctertia C quartz D: quinta vero
Eita multiplex fecundg B, vefexta F

. quartz D. Dico compofitam e¥'prima
Gis H 1o SN
- 9 6 _

E F

A & quintaE hoceft G, itamultipli-
. cem fore fecundz B, ficut compofita
" extertia & fexta hoc ¢ft H, multiplex
eftquatzD. _
- Nam quia B& D fecunda & quarta,
continétur parinumgroin fingulis fuis
multiplicibus, continebunturquoque
S e
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apatinumero in multiplicibus colle., , , -
¢ishoceftin G,& H.

Propo.s. - Theore. 3.

Si prima fecunde ita eff multiplex ve
| tertia quarte,¢r prime ac sertia fh-
‘mantur aquemnltsplices; erit multi-
. plex prime tam multsplex fecunde,
quam multiples: eff mulviplex tevtie
- adquartams

Vtquia A continet B, ficut Cipfam _
D;fi fumantuc E & F zquemultiplices
ipfartum A & C, B continebitur toties
inE, quoties DinF.

E 8 F sz Namfumeremultiplaip-

‘6 “farum A & C non et aliud
#2603 quam fumere plures A & C;
ABCD Sicutergo B & D gqualiter
continebantur in fingulis A & C, con-
tinebuntur etiam s zqualiter in ij{dem 4 1. 4,
A & C parinumero multiplicatis inE -
&F. -

) ;?m
R

- Mg Pro-
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Propofitio 2. Theore. 2.

Si prima [ecundefucrit isa multiplex vt
tertia quarte, fuerit antem o5 quints.
. mnltiplex feeunde vt fexta quarte; -
 erit compofitaex priva & quinia fe-
* cunduita multiplex, vitertinch fex-
taprime. - ~ e LT
Sit prima A jtamultiplex fecundz
B.ficuttertia C quartz D: quinta vero
Eita multiplex fecundg B, vt'fexta F
. quartz D. Dico compofitam ex'prjma

G5 H to o \‘

A& quintaE hocelt G, itamultipli-

cem fore fecundx B, ficut compofita

~ extertia & fexta hoceft H, muliiplex
ctquatzD. .

' Nam quiaB & D fecunda & quarta,

continétur pari numegroin ﬁngulis‘fms

multiplicibus, continebunturquoque
T T apa-
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aparinumero in multiplicibus colle. , , .

. &ishoceftinG,& H.

: Propo.;. - Theore. 3.

- 8i prima fecunde ita eff multiplex vt
tertia quaria, & prime ac sertie fi-
mantur aquemultiplices; erit multi-

; plex prime tam multsplex fecunde,
guam multiplex. off multiples: tertie

- adquartam

Vtquia A centinet B, ficur Ciplam
D;fi fumantuc E & F zquemuluiplices
ipfarum A & C, B continebitur toties
inE, quoties DinF. '
E 8 F ;2 Namfumeremultiplaip-

26 farum A& C non <@ alind
+ 3 quam fumereplures A & C;
ABCD Sicutergo B & D ¢qualiter
continebantur in fingulis A 8 C, con-
tinebuntur etiam 4 zqualiter in ij{dem
A & C parinumero multiplicatis inE

&F. |

oo M»q‘," | Pro-

413,
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Propofitio 4. Theore. ¢.’

Si prima ad fecyndam eam proportio- - |
" nem habuerit quam tertia adquarta; :
. babebunt quogne eandem rationem.
| aquemnltiplices prime ¢ tertie ad
- aquemultiplices [ecunde ¢ quarte
inxta quamuis multiplicationem , fi.
Simantuy vt inter fe refpondent.
EF G H Vtl Ahabucriteam pro-
86 12 j’vporti’qnc'm'va'd fecundam B,

o qui habet tertia Cad quar-
426 3umD,; mopusE &G =-
ABCD quemultiplicibus ipfarum

A& C,itemque F & Hijl(dem vel alijs
gquemaultiplicibus ipfarum B & Deeric
Emultiplexipfius A, ad Fmultiplicem.
ipfius B, icat G multiplex tertiz C, ad.
Hmultiplicem quartz D. Nam, vtex-

- plicuimus addef, 5, in rationie maioris
& mineris, fivein proportione, perin-
de et conferre fingulas B.& D, adfin-
gulas A& C, atque B & D =zqualiter.
multiplicatas, ad A & C pari inter fe
“pumerp multiplicatas. Si ergofingule. .

A & G,adfingulas B& D codem mc;_- .

S e - dofe.
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do.fehabent, egdem A& C zqualiter

mulnphcatz in E & G,erunt etidinea-
~-dem rationead B& D zqualiter mul-

npllcatas in F& H.

.‘ T

ABCD

KMN I&

Longiore circuitit
“idem alij fic conclu.
dune :Sit primaAad
‘ fecundam B ficut ter-
tia C ad quartam D.
Sumptls deind¢ E&

_F, ipfarum A & C
* zquemultiplicibus 8

G & H mqucmuln-.

| plicibus | 1pfamm B

& D. Dico fore etif
E multiplicem primg
As, ad G multiplicem,
fecundz B, vt eit F

o multxpicxtemq C,ad:

H multiplicem quar-
tz D.Accipianture~
nimK & L iplarum
E,F,& M,N ipfarum
GH gquemulnpl_u:es.

. Tune vcro?t iagque

multiplexeft E ipfius.
AvtFipfius Ciaccep-

¥ 1
“

AL
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teq; siit ipfarti EFzquemultiplices ki,

ita ergo multiplexeft kipfius A ficuts
Liphus C. Eadé decaufaita multiplex
et Mipfius B,ve N ipfius D, Et quia et
vt Aad Bita Cad D,acceptzq; funt ip-

farii A, C zquemultiplicesK, L,ipfarg

b 6 df. s,

¢ dfss

vero B,D aliz qugcunque M, N:ergofi
k & fuperat M, fuperabit& L iplam N,
& fi zqualis, zqualis; & fi minor, mi-
not: funtqueK, LipfarumE,Fzque-
multiplices,M vero & NiplacumG,H.
Elergovt Ead G itaFad H. Sicrgo
prima ad fecundam &c. o
Hec ingunam forma demonfirandi per
affumptas aguemnlriplices in fequentibus
gmoque propofitionibus potef adbiberi,in
guibus ego vear compendio. Nawsdefini -
tione quinta rite pevcepta facil: affeque-
mur carnws propofisienum veritarem aby-

+ gue longo illo ambitw aquemnitiplicium.

Quod femel hoc loco monmﬂe fit favis.
Corollarium, =~
Exbac pro p:o/itiéne demi-

426
47 3 Jfrari potefi Propofitio coner-
ABCD [, quetamen exterminss [a-

' tiseft enidens. Nam fi A ef @4 maivs ipfo
’ ‘B.£-

52
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B, fiest Cipfo Dsfatis oft ewidens B ita mi-
vius fore ipfo e, ficut D minuseff ipfa (,
que funst vaum & idem . Weqne almd eff

proporsie converfa.

Propo. 5. Theore. §.

Si magnitudo magnitudinis ita multi-
Plesfucrit vt ablata ablate; religua
religue ita multiplex erit, vt tota” -
totius. ~ )
Vtquia Aita mulsiplex et ipfius B, .

ficutablata C,ablatz D; eritrefidua E,

E 4 F 2 refiduz Fitamultiplex,ve

C g D tota A totius B.S1enim ci@

~ 4 A fic duplum ipfius B, &

A1zB ¢ pars ablata D, dupla fimi- -

liver partis ablatz D, non effet refidua

E duplex refidug F, non continerentur,

omnes partes totius B, in omnibus par.

tibus totins A, ficut’ totum jn toto;
quodabfuordumeft . Erit ergo refidua
refiduz itamaliplex, vt cotatotius.

R

Pre-
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- DPropo.d. Theore. 6.
Sidue magnitudines duarnm magnity-
 dinwm equemu/tiplice; fuerint, &
ablate quadam cxrundem equemul-
- tiplices, erunt relique Wcm vel -
_ guales vel equemnltiplices.”
, G 2 H_r. GS{HI'L
; £ 10 Fiy; {E4 F 6
An2Bi8[A/n B8
Cz2 D3jC 2D 3
Ve quia dug magnitudines A,B,dua-
ram C,D,funt £quemultiplices, i an-
ferantur ex A, B quguis ¢quemuluipli-
cescarundem C, D puta E & F; refi-
duz G & Heruntijfdem C & D autg-
‘quales,aut ¢quemaltiplices.Cum ehim
. €& D zqualiter contineantur in totis
e A & B,& in eorum aliquibus partibus
- E & F,zqualiter quoque continebun-
tut in reliquis G & H. Quare reliquz
G & Hautjjfdem C, D, {unt zquales,
aut zquemultiplices. In priore exem-
plo funt G,H zqualesip(is C,D,in po-
. fleriore gquemultiplices.
‘ ‘ ‘ ?IO\: ;
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Propo.7. Theore.7.

ZEquales ad eandem magnisndinem, &
eadems ad agquales candeis habent:
proportionens, L

4 4 2 ‘Vt.ﬁ A&B .E‘nt: zquales

: . magnitudines,qgerit propor-

A BC vhius, putaipfrus A, ad C;

eadem efitaltesivs B ad eandem C.It&

“quam proportionem habet C, ad A;

eddem habetad B gqualem ipfi A;quod

;manifeftym eft ex terminis.

Propéfitio .8 Theor. 8.

Inaqualium magnitudinum maior ad
eandemn, maiorem habet rationem’
guam minor. Et eadem ad minorem,
maiorem babet vationem quam ad
muierem magnitnainem.

6 4 2 Vit duarum magnitudivum

ABC A & B, A maior tationem ha-

) bet.maiorem ad. C, quam ha-

beat Bmaior ad candem C:maior enim

proportio eft,vbi maior e(t exceflus fe-

. cundum quantitatem. Infupermaioré

rationem habet A ad minor¢m magni-

o ' tndi:
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tudmem B. ob eandem cat 1ﬂ'am
ijop_oﬁmo 9. Iheor.p.

Lus adeandem eandem habent ratio-_
- wem, aquales fnt magnitudines. It¢
- adquas vnacadem habes rationers;
Juns equales.
4 4 2 Vequia A&DBeandem ha-
AR C bent rationem ad C, funtin-
ter {ezquales. Tté quiamag-
. nituds Ceandem habet propgstionem
ad A & B necefle eft ipfas A & B inter
fezqualesefle. Eff conmerfa prop. 7.68

per [z ewidens.
Propo t0. Theor, 10.

Wagmtudmum habentinm propnrtzo-
. nem ad candem,  que maiorem ha-
bet,ea maior eff. Camvero eandem
. adduas habet rationem ea adquam
- maior eft ratio, et mmar :

54 2}6, z4h:t(’Amamrcm

abet rationem ad C -

. AB C DE quntzd eandem C,

A maior erxtquamB Teem fi D habet -
v maio-

13
¢
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maiorem rauonemaquuamadF E
Ammot eft quam F, Conuerfa eﬂprop 8.

© per fe manifefia. b
Propofi. 11. Theor. 1.
Que iders eadem funt proportiones, &
interfe ﬁmt eaders.

4 2 l 4 2 l 4 2 Vi propbrti;-
' nesiplarum A,
_A B CD&xpfaruCDﬁn:
ezdem vni tertiz ipfarum E,F,crunt e~

tiam egdem inter fe. . »

Propo. 3z. Theor. 12.

S guammqne magmt:m’tms propoma-
. walesfucrint, erit vivna ansggeden-
tium ad vnam confequentium, itd
- omnes mttcedmzes dq ormres conf -
. gquentes.-.

VrfeGAadB{'cut Cad?®, erit E,
* ‘hocelt omnesfimul antecedéntes, ad. F
omnes fimul confequentes, ficut Aad
Bvel Cad D.Cum enim tota E & Fflint
dinifa i toridem pattes, E quidemin
A & C, Fvero inB & D, quz fingulg
S ad ﬁngulas candcm habent rationem;
non
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E 10 F g

A}

4 2 6 3

A B C D
non poteft illa proportio eflealia qui’
quz totorum inter {c; alias omnes par-
tes, omnibus partibusaliter effent ma-
iores & minores,quam totaipfa: quod.
Fierinon poteft, cum totaaliud non fing,
quam omnes fuz partes. ‘

Propolrj. Theor. 3.
. prim’d/ ad fecandain eam babueritri:
tionem, quamtertia adquartam;ter-
. tia véro ad quartam maiorem bi-
beat, quam quintasd | fextam; maior
© quoqueeritratio prime adfecundans,
quam quinta adfextam.

9 3|6 2|8 4 Hoceft. Eari-
ABlCDIE Ijdem duarum pro-

pertionum fi vna
iaios eft quamaliqua tertia, ctiam al-
| . tera

|
A

&
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tera miior erit: vt i unt duz rationes
exdeminter AB & CD,fitautem maior
ratio inter C, D quam inter E, § erit
quoque maior ratio inter AB qui inter
EF: quodexterminisnotum eft,

" Propo, 14. Theore14.

Siprima adfecundam eams’ habsuerit ra-
 tionems quam tertia ad quartam [it
autem prima magnitudo waior qua
tertiayfecunda qusque maior eris qui
quarta; i miner, minor;fi egualis,

- aqualis. ‘

~6 3 4 2 _ Vifi fuerit A ad B ficut
A BCD gadD,-& Aminor ﬁt_qui
; Imalor-quoque erict B
quam D. Cum enim B & D totorum’
A & C ponanturefle partes fimiles,(i B
fit pars maioris A Cvero minoris D,
necellario Bmaiorerit quam D. Quod
fi totum A, voti C,autzquale effer auc
minus, talisetidm toret pars B,: refpe-
&tu partis D, ve fatis conftag -
A s 2 S B
B s e A YR
S R
E AR R e
N Pfo;:
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Propofitio 15. - Theore.1s.
Partes cum pariter multiplicibns eandé
proportiont habent,fi [umitnr vt fi-

bi re(pondent. '

12 4 G2 Hoce(.Partes parinu-
A B Cp Mmerocontentz in (ui§ toy
tis, eandem feryantinter
fe rationem actota ipfa. Vi magnitu-
dines B & D quz {unt eodem numero
in totis A & C, eandem inter fe habent
rationem quam tota A & C. Nam fi to~
tarefoluantur in omnes partes fimiles
ipfis B & D,tuncquz erit ratio cuiufli- .
bet ad quamlibet, eadem erit4 ratio+
omnium ad omnes, feu totius ad totil.

- Propo. 16. Theore. 16,
Si quatuor magnitudines proportiona-
les fuerint. esiam permutata propor-
tionales erunt.

EFGH  Vtifiet A ad.Bﬁcuf

8o 8 Cad D, erit etizm pet- -
9 ° 4% mutandovt A ad C, ita

6 3 4 2 Bad D,quz eft alterna
-fen permutata propor-

AB CD tio.Sumptis enim E,F,ip-
farum
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farum A,B, & G, H, ipfarum C,D,qui-
: bufcunque zquemaltiplicibus, erunc
multiplicesEF, GH, in-cadem ratione -
cum(ubmuluphcnbusaAB CD. %a-"‘ .
re EF, GH erunt proportionales, ac
proinde fi E maior, minor, aut par fic
1pfi G, talis quoqueerit F ad H. Scd E,
F, lpfarum AB, & GH ipfagum C,D
funt vtcunque zquemaluplices. EX
ergo vt A #ad C,itaBadD. b oo df s

Propof. 17. Thcbr 1}

si compofite magmtudmf: proporttom-
les fuerine , (ydmzﬁ prnpmwm-

. les erunt,

A 4 CB Sint compoftz mag-
D .F nitudines AB, CB, DE, ’

6,37 FE proportmnalcs, hoc

.. «ft,vt ABad CB,ita DE,
ad F E Dico fore etiam dinidendo, vt
ACad CB, ita DF ad FE. Quia enim
CBelt talxspars totius AB, qualis FE
totins DE, erit CBad reliquas compar-
tes AC, ficut FEad religuas compar-
j ‘N 2 tes ¢
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A, C B tes AC, ficut FEad reli-
T quas.compartes DF. N&
D1 ~ 63— eninipofluntefle fimiles
partes refpectu totorum,

nifi etiam fint (imiles refpectu fuarum
compartium, vt fatis manifefum eft.

- Corollarium. -

Ex bis8emenstrari posef? proportio ex
conmerfione rationis: Nams in codem exem-

plo, eff

Vt AB ad CBita DF ad FE.
. Etdiuid. Vt AC ad CB ita DF ad FE.
Etconwe.Vt CB ad AC 1a FE ad DF
Efgocdp.Vt AB ad AC ita DE ad DF,

One postrema cff conucerfis rationis inxta
definitionem 16. 5.

Propo. 8.  Theore. 12.
Si dinife magnitudines propomamks

Sfuerint , & compofise }m[mmma.

“les erunt.

Hoceft,in fuperiore exemplo fi par-
tes CB, FE fimiliter fehabeant ad reli-
.quas compartes AC&D F; fimiliter

g oquefe habebuntadteta AB & DE.
ﬂ‘canmrf pracedentis. .
Pro-
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Propofi. 9. Theorc.l’y

Sifueritvttota ad totam, ita ablatasd
ablatam, &~ religua ad religuameris
Wt totaad totam.

E4 F2 Vifiablate C&Dfint
‘ interfein ea ratione, qua
C8 Dy ‘tot® A & B, erunt cti‘lm
A12 B6 refiduz EX F, vetotz A
& B.Cum enim ablata C
ita maior fit ablata D, vttora A, totd
B; i E refidua non effet eodem modo’
maior relidua F, aliter eflent maiores
omuoes partes omnibus partibus, quam
totum tote: quod fierinon poteft,

Propof 20. Theore. zo0.

St fucrint tres magmtadme:, & alietq-
tidem, bine ¢ bine in eadem ratio-
nesex £quo autem przma m:uorﬁm':t
qguam tertia; erit & quarta masor,
quamfexta, & fi eg:mlu, qmlxs, J
minor, minor, -

Sinttres magmtudmes A,B,C,&to-

‘tidem alie D, E,F, bing & bmqm eadc

mtxone, hoc eftvt AadB,itaD adE,&
N 3 Ve

\
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12 96 864 wBadCitaEad
'"ABC pEF [:DicofliAma
: ior,minor, autpar
fitipfiC, talem etiam fore' D relpectu
ipfius F. Sit primum A maior quam G:
Quia ergo A maiot eft quam C, & da-
turalia qugdam B, habebit A ad B,ma-
iorem srationem quam C, ad eandem
B. Eft autem ex pofitis vt A 2d B, ficD
adE& vt B'adCitaE adF:iergo con-
vertendo,eft ve Cad Bita Fad E; quare
D'ad E maiorem khaber rationem qui
Fad E;maierergo et. D qoam F.Simi-
bter procedet demon@iratio fi A ipfi C
‘aut¢qualis ponatur, aut minor, Siergo
fusring teesmagnitudines &, ’
T " 7. Nequetantum
129 6 3186 4 2 veraeft propofi-

AB CGIDEFHY tio fiternz mag-
SR - ‘nitudines fuman-

. tur,fed etiamfi quaterng & quovisalio

Rumero; femper enim fi prima in prio-
ribus minor, maiar,aut ¢qaalis e viti-
mz,ita ctiam erit in pofterioribus. Ve (i
ternis magnitudinibus ABC, & DEF
addantus G & H;fitque Cad G,ficut F
adH, tunc omiflis B& Eerunt ACG,

-~ &DEF
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& DFH ternz & ternz magnitudines,
& de his proceder demonftratio prius
facta.

Prdpo. 2, Theore. 21,

Si fuerint tres magwitudines, & alie
totidews , bine ¢ bine in eadems
ﬁdpmurbata ratione, ex #quo aute
primamaior ﬁ;erit quam tertia, erit (
etiam quarta maior quam fexia; (i
minor, minérifi d‘gaélis‘, xguaﬁs.

. Sinttres magnitudines A,B,C,& to-
tidem alig D, E, F,binz & binz in eadé,
fed perturbacaratione;; hoce@t vt A ad
B,licEad F& vtBadC, fic D ad E.Di-
- ¢o, fi A maior fit,minor,aut zqualisip.
fi C, talem quoque fore D refpectu ip-
fius F. Sit prima A maioripfa C. Cum
igitur A fit maior quam C;& detura-
alia qugdam B, habebit 4 A ad Bmajo. «t.35-
‘ rem rationem qui
84 n 6 t ¢ ad c'andcqu; ‘
ABC DEF fedexpofitisvt A
adB,itaefEadF,
& vetBad CitaEad F,ergo conuerten-
dovt CadB, itaEad D: quate E'ad F
o N4 mas -
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bu.s.  maiorem habet rationem, quam 4 E ad
D.Minoreft cergo F quam D. Simili-
tet oftendetur i A minor fit,aut 2qua-
lisipfi C,talem quoque fore D refpectu

-~ iplins F. Siergo fuerint tres magnitudi-
hes &c. .

Propofitio22. Theot.22.

Si fuerint quotcunque magnitudines, ¢
* alievoridem bine ¢ bing in eadem
" yatione fumantur , erunt quoque ex.
aquo in eadem rationc. _

I, 9 6 8 6 4 _ Sint quotcung;
A magnitudines, AB
ABC DEF C, %C aliz totidem
DEFinecadem ratione; hoc eft ve Aad
B,itaDadE, &vt Bad C, ita Ead F.
‘Dico ex zquali fore illasin eadem ra-
tione: hoc clt, fore Aad C, ficutDad
F.Quiacnim oftenfum et fi A foperat
C, D quoque fuperare F, & fi minus,
¢ dfs.5, Mminus&c, ita quoques erit in gque-
multiplicibus: hocautem eft quatuor

“ - magnitudines A, C,D, F, eflepropor-
tionales, * ~ = X '

T

Voo T . . 'Pto_
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Propo.z3.. Theore. 23.

, Si_fkeﬁmtresmdgmludine:, & aliz to-

- tidem bine @ bine in eadem [ed
perturbatayatione, erunt etsamex a~
- quoineadem ratione .
‘12 8 4 12°6 4  Repetatur pro-
ABC DEF Po-3tcum ex-
' ~emplo, in que
cum probati fit;i A fuperat C,D quo-. .
que fuperare F,autminus effe, &c. ita
quoque erit in gquemultiplicibus ..
Quarceltexgquovt Aad C,ita DadF.
“‘Propofitio 24. Theore. 24.
Siprima adfecundam fuerit vt tertiaad
quATIams , quinta autem & ) fecundd
eam habeatrationem quam fextaad -
guartams,babebit compofisaexprima -
¢ quinta eam proporssonem ad fe-
cundamy quam rtertia & fextafimul .
ad quartam. SR
10 42 6 315 - Quiaenim i;c-
cunda B eft talis
EA-B CDF pars fingularum
A& E prime & quintg,qualiseft quar-
’ . td
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ta D fingularum C &F, erit quoque B
talis pars colletarum A & E,qualiseft
D colle@tarum C & F.

Propo. 25. Theore. 25.

Siquatuor magnitudines proportiona-
lesfuerint, maxima cum minima
dusbus reliquis erunt masores.

Sintquatuor ma-
g gnitudines propor-
4 tiomales AB, CD,E,

L & F.Dico AB maxi-
G+ mam, cum minima
_ F, maiores effe dua~
8 2{ ) bus fimul reliquis

§ CD &E.Sumatur e-
‘ 4nim£chqual;_sipﬁ

' E, Hipfi F.

") Quja ergo eft vt
ACEF ABdeé ita Ead

F,eftque A G ipfi E.& CH ipfi F zqua-
lis, eritve ABad CD,ita AGad CH;
hocjelt vttota AB ad totam CD, ita
ablata AG ad ablatam CH:reliqua igi-
tur GB4erit ad reliquam DHvetota
ad totam: gftautem AB maior quam

Ch
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CD, ergo maior quoque B G quam
,bH.Cumq; AGiphE,& CH ipfi F 2-
qualis fir;pares erunt AG & F,ipfis CH
&E. lamvero quiaipfis A G & Faddi-
tur GB, ipfisvero CH & E additur
DH minus quam GB, erunt poft addi-
tionem AB & F maiores, quamCD &
E. Si igitur quatuor magnitudines &c.

Que fequuntur propofitiones non funt Eu-
clidis, fed ex Pappo Alexandrine,
' & albijs adselia.

~ Propofiyas. Theor. z6.

Siprima ad fecundam materem habue.-
" ritrationem quans tertinad quarti,
habebit conuertendofecunda ad pri:
mam minorem yation?, quam quar-

ta adtertiam. '

.84 5 3 ° Hocetfi A clt totum
AB CD maius refpectu ipfius B,
. quam C refpe@u quartz
D: erit Bminor pars relpecta ipfius A,
quam Drefpeétu ipfius C, quod per
Aecftenidens. ” '

Prd-
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" Propofitio 2. Theor. 27.

Sz}:rzma ad fecundam maiorem ratio-
nem habuerit, quam tertia ad quar-
tam; habebit permutmdo prima id
Berisam masoremrationem, quam fe-
cunda ad quartam.

2 4 5 3 Quiaenim D poni-

- tur pars malor totius

AB C D¢, quiB totins A;non
pocc(’c parsB (upra pactem D, tantum
excellum habere, quantum habettotu,;‘
A fopratorum €.~ % T
' Propo #8. Theor. 28% 3
Siprima adfécundams maiorem Babiz: _
7it rationem,quam tertia ad qurta,
babebit prima com fecunda maiorem
vationews ad [ecundans, quamdicriie
- &rquarta ad gmmam. . , 5'»

Nam quia B e
Ei1z F3 nor pars ipfius A, qua

; D ipfius C; i veraque
.  femel addatur,tam B
ipfi A, quam Dipfi G,

8
A I‘;(S] D; adhac B minor patse-
: : . rig
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rit totius E, quam D totius F.
~ Propo.zo. Theor. 29.

Si prima ¢ [ecunda adfecundam ma-
iorem habeant rationem , quam ter-
tia & quarta ad quartam; habebit e-.
tiam disidendo prima adfecundam
maisyem rationem, quamiertiaad
guartam,

Nam inexemplo {uperiore. QuiaE
eft maius totum refpectu partis B, qui
F refpe@uipfius D, fivtraque parsex.
fuototo rollatur, Arefiduum ex E,ma-
insgritre(pe@uipfins B, quam Crefi-
duir ex F, refpeGuipfius D.

‘Propo.z0. Theor. 30, A_

Siprima ¢y fecunda ad feciidam maio-
rem proportionem habeit, quam ter-
tia & quarta adquariam, babebunt.

per congerfionem rationis prima ¢

- fecunda ad primam minorem ratio-
nem, quam tertia & quartaad terti.
Nam (irotum E maiuseft refpeétu-

ipius B, quam Frefpectu ipfivs D: B,

miiong
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minor erit pars ipfius E,quam D totits
F. Quare refiduum A maior eritpars
- totius E, quam refiduam C totiusF.
Hocautem idem eft ac fidicastotum E
minosrem habere rationem ad primam
A, quam totum F adtertiam C,

Propo. 3t. Thote. s1.

Sifint tres magnitudines, & totidem 4.
lie, habeatque prima priorum maio-
- vem rationem ad fecundam , qnars
primapofteriorumad fecundam, fe-
cundastempriorii maiorem habeat ad
tertiam, quamin po sterioribus fécun-
da adsertiam, esiam ex aquo habebit
primapriorum matorem rationem ad
sertiam, quam prima pofferiorum ad
tertiam. - :

16 34_ 953  Namfi magni-

“todines illz  fint
ABC DEF | 5 DEF,permu-
tando eas proportiones qu in propo-
ftione ponuntur, '

Exit
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Erit maior A ad Dqua BadE.
Eteadéraiionemaior B ad E qua C ad F.
Quaremulto maior A ad D qua Cad L.
Ergo permut.maior & ad C qui D ad F

Propofi.32. Theore.72.

Sifins tres magnitudines, ¢ totidem a-
liz, [itque mator proportio prime
priorum adfécundam, quam fecunde
pofieriorumadtertiam: Itemfecunde

- priorumad tertiam, maior quam pri-
mapofieriorum adfecundam: erit etiz
ex aqud maioy ratio prime priorume
ad tertiam , quam prime pofferio-

rum ad tertiam,

168 4 96 4 69 Sintjllg
ABC DEF GH magniwudi
4 nesA.B,C
D,E,F.firq; pretereavt Gad CitaD ad
E, & vt Had G,itaEadF, collocabun-
turque ternz & terng magnitudines D, -
E,F; H, G, C,in eadem fed perturbata
ratione;eritque 4 exzquo veDad F ita 20,5
Had C. . v
Nuncvero quia et veGadC, itaD
' adE
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ad E maior eritératio ipfius B ad C,

 quam G ad C, ideoque B maioreft qua

G, & per confeqaens maior ratio eft
iplius Aad G quamad B: eftautem A
ad B, maiorquam EadF, multoergs .
maior eft Aad G, quam E ad F. Rurfus -

quia et Had G,vt E ad F, maior erit A
ad G quam H ad G; quare A maiorett
qusm H, & per confequens maior eft
A adC,quam Had eandem C.Sed o=
frenf{um fuirefle ve Had C, itaDad F,
maioreft ergoratioipfius A ad C, qud
iPﬁus D adF:quodeft propofitum. -

.. Propo, 33. Theor. 23
Sitota adto1i maserem ration? habue-

7it\qui ablata ad ablazam , babebit

& reliqua ad veliguam masorem ra-

"+ ‘tsonem quam tote ad totam.

E8 F 3 Vilitotum Aadtot
C4 D ; Bmiiorem habclaat ratio-
.2 'nem ; quam ablatum C

An Bs. ad ablgtum D;'maioren;
habebit refiduum E ad refiduum F, qu
totum A, ad totum B. Nam ficut totd
A eft maius toto B, it omnes ﬁiul
partes

Pl
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partes, omnibus partibus. Quia ergo
pars C minus fuperat partemn D, quam
totum A tetum B; refidua pars E debet
magis fuperare refiduam F, quam totil
A totum B, vrexceflu maiore ipfius E
compenfante defe@um ipfius C, partes
C & Eita!fint maiores partibus D & F,
ficut totum A maius eft toto B,

Propofi.34.  Theore. 34.

3i fint quotcunque magnitudines, &ra-
lie totidem fitque maior ratio prime
priorumad primam pofleriorum,qui
Jecunde ad fecundam, & bec maior
quam tertie ad tertigm, ¢ fic dein-
ceps: babebunt omnes[imulpriores,ad
ommes fimul pofleriores, maiorem ra-
tionem, quam omnes priores relicla
prima adpoileriores omnesprimali-
" militer reffila; minorem autent qua -
prima priorum ad primam pofierio-
- 7um; maioremtamen quam vitima
priorwm advltimam poflerioram.

1284 653  Sint quotcun~

que magnitudines
ABC DEF O ABC,

I
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ABC, & aliz totidem D EF,itafe ha-
beates vt proponitur. :
Quia ¢rgo maior ¢ft A ad D quam B ad E L
Erntpermuta. maior Aad B quam'D ad E.
Etcomponen, maior ABad B quam DEad E;
Rt permuta. maior ABad DEquam B ad E.

" Quia ergo maior eft tota AB ad to-
tam DE, quam ablata B adablatam E;
maior erit 4 rehqua A ad reliquam D,

quam tota ABad totam DE.

Eadé ratione-maiorerit Bad E qud tota BC ad t0.EF
Multo ergo maior et Aad Dquam BCad EF:
Et permutat. maior AadBCquam D ad EF.
Et compo. maior ABGC adBC quiDEFad EF.
Bt permuta. maior ABCad DEF quiBCad EF,

quod erat primo loco propofitum.
Nunc vero quia major eft tota ABC,
ad totam DEF, quam ablataBCad ab-
latam EF, erit & maior reliqua A ad re-
‘liguam D, quamtota ABC4ad totany
DEF; quod erat fecundum.
Denique quia maior elt B ad E quam C ad F.
Brit permuta. maior Bad CquamE ad E.
Et compo. maioz BCad CquiEF ad F.
“Etpermutac. maior BCad BF quam Cad F.
Oftéfa eft auté ma.ABCad DEF qua BCad EF
Mnlto ergo major et ABC ad DEFqui CadF.

Quod erat tertio loco propofitum,

Eadem methodo procedetur fi qua-
‘ferng proponantur magnitudines, aae
ahac plures quocunque numero.

EVCLI-
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 Defuttiones.

t Similes figurz re@ilineax {unt, quz
fingulos angulos fingulis 2quales ha-
bent, & latera circa zquales angulos
proportionalia. - v

A . Ut trian-

wla ABC,
D BeF erume |
/ Similia, fi fin-
_ - gwlos  angulos
B o €< E Jingnlss habeas
pares, hoc estfiangulus o4, angulp D,an-
guliveroB ¢ C, angulis E, -¢ F fint <-
quales; item fi latera civca aquales augu-
los fim proportionalia, hoc et fifir ve AB
adeAC, ita DE ad DF; & vt eAB ad
B(,ita DE,ad EF; acdenigie v AC ad
. (O 0P CB
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CB,ita DF4d FE.

2 Reciproczfigurg [unt cumin vtra-
que figuraantecedentes & confequen-
tes cerminirationum fuerint.

A o Hoc ¢ff f—

n gurarecipro-

cé funt cuns

. h inuna figura

5 C L © Teperitmur an-

o tecedes vnins
propertionis, cuins confequens eftin feci~
Aa; 5 cumé contra antecedens aliering fi-
milis proportionis eff in fecunda figura,cu-
ins confequens eitin prima; vt 'triangula
ABC, DEF, ernwt reciproca, fi fuevic ve
e4B,ad DF;ita DE, ad «AC,tunc ¢nims
antecedens prima proportionis reperitur in
triangulo primo e ABC & inaltero eif co-
Jeqmensg as fecunde proportionis amtecedes
off in fecundo triangulo, confequens in prs-
mo. ‘ -
3 Extremaac media ratione reGali-
neafe@aeffe dicetur, cumeft vt totaad
ad maius {egmentum,ita mains fegmé-
tum ad minus. \
A < B Sicvetla AB,
' erit fellain C,ex-
treva
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tremaac mediaratione, fifucrit vt tota
ABadwains fe tgmentms AC,ita AC ma-
ius fegmentum adCB minss.

4 Altitudo cmufque figure et lmca
perpendicularis i vertice ad bafim de-
duéta.

Ut trumguh
AB( altitudo
HS ¢est AD, duila
EDC K Q perpmdtcnlar:- .
' tera verticead

bafim BC. Items triangnli EFF,altitudo off

EH, extra trmgulnm cadens in bafim FG
. preduiltamin H. ‘

s Ratioex ration’bus componi dici-
tur, cum rationum quanritates inter fe

—muluphcatq aliquam raﬁonem cﬂ’ece’

rint.

Quantitates rationum non fant alic
guam numers 4 quibus demominatur pro-.

. persie: fic 3.e51 quantitas proportionistri-

Ple2. duple, €8¢, Ratioergoex rationibus
componstur s cum denominatores proper-
tionum inter fe multiplicasi aliquam pro-
portionem efficiunt; vs ex vatione dupla &
tripla componitur fextupla; nam denomi-
7 dnplt quseff 2. ¢ denominasortri-

O3 ke
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plequieft3. inser fe mmlriplicasifacinne ¢ 6

denominatorem prapormm: ﬁxmplc co-' o

pqﬁ'ta ,
"Propq/' itiones.

Propofi. 1. Thcor I.

Triangwla & parallélogramma, quori
“eadem fis altsindo, babens f¢ vt bafés.

B A F  Sint triangula
Vi ABC, ACD, ha-
bentia candem al-
titudinem AG, i-
tem patallelo’gra-
B < PmsEC, CF, ha--
bentia eandent altitudinem AC. Dico’
illa inter fe habere proportionem qua
habent balesBC, & C'D. Cum enim’
triangula fint conftru@a intra paralle-
lelas BD, EF, (ficut poffunt conftitui
inter parallelas quzcunque alia trian-
gulaeiufdem zltitudinis) fibales CB,
& CD, fint zquales, erunt & mangu-' :
laufupct illis bafibus zqualia, Quod fi
bafis CB, maior effet, auc minor bafi
CD, ellec quoquc mangulum ABC,
b ’ m:uus'
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maius aut minus triangulo ACD; &
fic quoqueerit fumptis quemultipli-
cibus tam bafium quam tridgulerum; |
nam perindeeflt conferre ingulaad fin-
gula, atque paricer multiplicara ad pa-
riter multiplicata, quemadmodum de-
finit. 5.1ib.5. explicatum eftySuntergo
triangula ABC, ACD, inter fevt bales
CB, & CD. o
Jam vero fitriangula fint ve bafes, e-
tiam parallelograma:énam hzc funt
dupla tridngulorum partes autem ¢-
quemultiplicium ¢ in eadem funt ra- ¢ 1.5
tione atque iplazquemultiplicia.
Propolfitio 2. * Theore. 2.
Ssin triangulo ducatur recla lateripe-
-~ valleli; fecabit proportionaliter rek-
gua cinfdem trianguli latera. Etf5
trianguls latera féciafint proportio- .
naliter, recla per [ectiones ducta ter-
tie laseri eritparallela.
v Incriangulo ABC, ducatur DE, ipfi
BC, partallela; guo fado dico latera’
AB, AC fefta cfle proportionaliter; .
- hocett,efle vt AD,ad DB, ita AE, ad
o O4+ EC

b 14 1,
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EC.Duéis enim re&is BE, CD, # ¢-

- runttriangulaBED, DCE, inecifdem

parallelis zqualia,s & habebunt pro-
inde eandem rationem ad triangulum
A " ADE.Sed quam
proportionem ha-

bet tridgula ADE

ad DEB, eandem

‘,n E  Labet bafis AD,ad

DB (cum triangu-

B — ¢ lafintineadem al-
ticudine, quam oftenderet perpendicu-
laris quz ex Educi potetad AB ) &
quam proportionem habetidem trian-
gulum ADE, adipfum CDE, eandem
habet bafis A E, adbafim EC; 4 Cum
etgo oftéfum fitambo triangula DBE,

- DEC, eandem habere rationem ad ip-
" fum ADE, bafes quoque BD, EC,ean-

dem habebunt proportionem adlate-

raDA&EA. .
Iam vero {ilatera AB, AC, propor.

tionaliter fecta fint,cum fit ob eandem

* altitudinem vt AE ad DB, ita triangulii

ADEadipfum DEB; & vt AEadEC
ita ADEad ipfum EDC; ficutin eadem

ratione ponicur efle latera AD, DB, & .
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'A E,E C; erunt etiam triangula DBE, -
DECin eadem ratione adtriangulum
ADE;Eruntergoftridgula DBE,DEC fo. 5
“inter fe @qualia: cumque habeit ean-

- dem bafim DE,eruntgconftituta inter 4.1,
parallelas:parallelg ergo sut BC & DE. ~

1

Siergoincriangulo &c. -
Propo. 7. Theor. ;.

Si trianguli angulus (ecesur bifariam, &
recla angulum fecans [ecet ¢ bafims
habebunt bafis partes ezdem propor-
tionem quam reliqua triangulilate-
ra. EP{i bafis partes eandem habeant

" vationems quam reliqua inter fe late-
ya, refla & wertice 2d [ectionem ba-
Jéosduila trianguli angulum fecabit
bifariam. S

| Trianguli ABC, angulus BAC,bife-
cetur perrectam AD; dico in partibus
bafisefleve BDad DC,itaBA,ad AC:

. perC, enim ducatur CE ipfi AD paral-
* lela, cui BA produ@a occurratin E.4 , ; ¢,

Qujaergoin triangulo BEC,re&a DA
iph CE,eft parall¢la, erit icut BD, ad
: ~ ’ DC,



L
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adDC, ita BA ad AE, feuad AC, qug
ipfi AE azqua]ls eft;Siergo triangulian.
golus &c. Effe autem reétam AC z-
qualemlpﬁ AE, fit oftendo. Quia reGa
AC tangit parallelas AD, EC, angulis
altermCAD ACE funtqqualcs,;&
quia recta AE, rangit eafdem paralle-

' las, angulus externus BAD interno &

oppofito AEC,
‘et zqualis: siic
ergoanguli AE
C, ACE, zqua-
Jes; cum oftenfi
intzqualesan-

wi E

gulis ¢qualibus BAD, & DAC; quare -

latera AC, AE 4 funtzqualla
Iamvero fietviBDad DC,ita BA,

ad AC,e ductd vt prius CE, pnrallclalp-

fi AD,etitvtBD,ad DC,itaBA ad AE

- fzquales ergo fant AE & AC, g quare

anguli quos fubtendunt nimirk AEC,
ACE funtzquales : fed hos oftende-
mus vt prius efle zquales angulis BAD,
DAC; funt ergo anguli BAD, DAC,
paresinter fe;ac proinde angulus BAC
fectus eft blfamm chrgo manguham
gulus &c.

-

Pro-
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Propo. 4. Theor.4.

.. Equiangulorum triangulorum laters

" ajria equales angulos funt proportio-
nalia,c5 latera aqualibus angulis fub-

tenfa fumt bomologa. . -
' h o) Sint triangula
ABC,CDE, #-
quiangula,habé. -

gulos zqnales, A

8
C E ipliCDE; ACB,

ipi E; qugtriangula fic conftitvantur
vt latus AC, lateri C'E, iaceat in dire-
+&tum, necnon produstz AB, occufrat
ED in pun&@o¥. 4 Quia ergo anguli
ACB, CED (unt pares, re¢t2B C, &
FE,erunt para”clx:pamllelzitcm AF,

& CD, ob¢quales angulos BAC&'

DCE;eritque DB,parallelogrammum,

p tia fingulos an-

28, | R

éac proinde latera oppofita ¢qualia. ,
Nunc vero quia in triangulo AEF -

ducta et BC, spfi FE parallela; erit

- vt ABad BF feu CD,¢ita AC ad CE.
Etpermuvt AB9d AC d  ja €Dad CE,
Similiterquia CDipfi AF cft paraliela , erit -
: . ' vtE

c 2.6
d 16, 5.
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vt ECadCA,itae ED ad DFfeuCB;
Cuam ergo fit vt ABad AC, ita CD ad CE.
Etvt ACad CB, 1ta CE ad ED;

habétur terng & terng magnitadinesin
eadé ratione AB,AC CB.CD,CE,ED.
Quare cx zquo vt ABad CB ita fCD ad ED.
Sunt ergo latera omniatriangulorum
proportionalia & qua zqualibus angu-
lis fubtenduntur, {unt etiam homolo-
ga,lencinldem rationis; nam antece-
dentia & coniequentia(ub zqualibus
fantangulis: £quiigulorum ergo &c.

~ Propof. 5.. Theor. §.
Si duo triangula latere proportionalia

habuerint, erunt aquiangula; eofgue
- angulos habebunt aquales, quibus

- homologa latera fubtenduntur,

E(t conuerfa przcedentis vt fj trian.
gula ABC, DEF,habent latera propor-
tionalia, hoceft,fifit ve ABad AC, ita
DE ad DF, &c. erit etiam angulus A
angulo D, zqualis, &c. vtvult propo-
fitio. Conftitvantur enim ad reCtam
BCanguli GBC, GCB,ipfis E,& F, z-
quales;# vt proinde etid angulus G,an-
gulo D, fit ¢gqualis,vnde fequetur trian-

, - gula
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gulaBGC, DEF efle zquiangula, 6 & , b.
. eorum latenpropomomua, Tuncve-

FaThva

ro quia DE& DFhabctt eaudem pro-
portionem ad AB& AC,quam ad GB

& GC,cnecefleeft ABiphi GB, & AC, 'V
ipiGC zqualem effer dcumqueBCftdgg 5
communis, tota triangula ABC, BGC
funt zqualia, & 2quales anguli omnes-
Cumerge ABC, & DEFeidem tertio
BGC, fint zquiangula,inter (e quoque
erunt zquiangula; funtveroilli ¢qua-
lesanguliquibus homologalatera fub-
tenduntur: nam anguli A & G zquales
font,quibus communne BC f{ubtenfum

eft, &c, Siergoduo triangula &e.
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- Propo. 6 . Theore. 6.

Si duo triangula unum hibeant aqua-
lem angulum , ¢ latera circa eum
proportionalia,erunt equiangula, an-
Lulofquahabebunt 2quales quibis e-
qualsa lasera fubtenduntur. .

k ’ A »  IntridgulisABC,
if ¥ / DEF, fi ¢quales

: j  fincanguliA& D,
BT cEY > ﬁ_tque%t AB, ad

| /. AC.ita DEadDF,

s o etunt & reliqui

angnli zquales &c: conRituantur enim
ad re&am EF, anguli EFG, GEF,¢qud-
lesiplis B, & C, vtpropofitione tupe-
riori.Quiaergo zquiangulafunt ABC,
GEF,serunt AB, AC, & GF, GE, pro-
' ortionalia: fed {unc etiam proportio-
$ 5. naliaAB,AC.& DE,DF,éfuntergo la-
- teraDE; DF, ipfis GF, GE gqualia. ¢

e Cumaquec bafis EF it communis , tota
tiiangula DEF,EFG ¢qualia & ¢quian-
gula {unt, Quia ergo triangnla ABC,
DEF, vnitertio EFG funt zquiangula,
inter fe quoquecruntzquiangula &c.
v ro-
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Propo. 7. Theote. 7.

i duo trianguls vnum angulum.equ-
¢, ¢ latera circaalteros mgalos ba-
beat propomomlza, futruq, vero an-
guloris relzqaomm ant minore recto;

" aut mon minorems; aquiangula erunt
tmmgula & angulos circa quos late-
va_funt proportionalia, habebuut -
guales.

D

B < E F

~ Hoceft;fiduo mangulaABC DEF

habeant vnum angulum, putaA,ipfi
D zqualem, circaalteros vero puta B,
& E, laterafint proportionalia, ac de-
niquefi tertijanguliC & F, fint vter~
que minor, aut vierque non minorre-
éto’; erunt hzc tnangula zquiangela.
Sine primum tertijanguli C& F veerqg;
minor refto: quodfi tunc negas an-
gulos’
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gulos ABC, DEF, circa quos latera siit

~ proportionalia, eﬂc:zquales fit maiot -

A BC, inquo conftituatur ABG, iph
DEF ¢qualis, cuquein triangulis ABG,

DEF, duo anguli D & E,duobus A,&

AGB, fint zquales, s tertius F, tertio
ABG eritgqualis, ac proinde tota trid-
gulazquiangula. $Eltergo vt DE,ad
DF, vel vt AB, ad BC, (nami ex hypo-
thefi eadem eftinter vtraque ratio ) ita -
ABad BG;ellet cergo ficut AB,ad BC,
ita AB,ad BC,dquare retz BC, BG,
eflent 2qualese & confequenter pares
eruntanguli BGC, BCG; & cumBCG
pofitus hc minorre&to,etiam BGC mi-
nor eric recto: i ergo BGC, eft minor
fecto angulus BG A maiorferit re&o,
quem tamen oftendimus zqualem efle
anguloF, bocelt, minorem reGo,cum
angalus F poficus fit re®to minor:idem .
ergoangulus BGA effet maior & mij-. -
nor re¢to,quodeft abfurdom.Né pof-
funt ergo angoliABC,BEF, elle inz-

. qualesyquare &tertius F, tertio ACB

¢qualis eric, & triangula ABC, DEF,

zquiangula. A

Quod fitertijanguli C & F, ponantus
\ . vier-
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vtergsnoh minor re®o, negetur tamé
angulosE & ABC, efle zquales rurfus

probabitur re¢tas BC, BG, & angulos
BCG, qudalcs; & cum pofitum fit -

huncnon effle minotem re&o’, necille
elletminer re&tofquod et abfurdum

nam in triap.gulo BGC, eflent duo :\n-‘E %=

guli recti, aut re@ismaiores. Siduo ers
go triangula &e¢. .

P'r,opb'. 8. Thcore.;.
Siintriangulo reClangulo ab angulo re-

Goinbafim duilafis perpendicularis,

que ad pe;pmditularem funt triagn-
la,.tum tosi triangulo, tum inter [¢

 fumfmili:

A » " In triangulo
O ABC fitangulus. o
BAC retus, &' .
€xAadbafimBC
-/ : d crpen- -
£ ucator perpen

" € Gicularis A" D.

Quia ergoin triangulis ABC, ADC, . ..

anguli BAC, ADCreifunt, & angu-

’.

las C communis, 4 tertivs A B Ctertio * ¥ *

DAC eritzqualis; ac proiride triangin-'

ey
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1aABC, ADC funt 2quiangula, 5 & fi-
milia. Non aliter oftendetur triangu-

“lam ADB eflc etiam fimile toti triau-

gulo ABC,ac proinde funce fimi-
Iia inter fg triangnla ABD ADU.

Corollarium.

~ Ex boc manifeStuns ¢St perpendicularé
ab angulo rello ad bafim dutlam, cffe men
diam proporionalem inter dwo bafis feg-
menta: nam per 4. oflexdetur effeve CD,
adDAjita DA ad DB, quod cft recian
DA efe mediam proportionalems inter
partesbafs CD, DB, C

Propofitios. Proble. 1.

cA'dﬂg recta linea imperatans partem

anferre.
Ex re@a AB auferenda fit prstertia..

: Ducaturergo ex A re®a AC, faciens

angulum com AB vicunque ; tumex -
AC fumatur quauis pars puta AD, ac

“duzaliz addantur 2quales DE, EC,

iungaturque CB; cui parallela fiat DF.

“Eritque ablata AF, pars tertiaipfius

AB.Nam quiaintriangulo ABC du@ta

.t DF,ipli BC parallela,seritficut AD - .

ad’
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C ad DC,itaAFad ¢

) : j 0} FB,% & compo- 4 15.5,
. D nendo ficut AC
/\adADua ABad
A F B AF; eftauté AD

- pars tertia ipfius
AC, ergoAFc& etiam p#fs tertia 1pﬁu
- AB.Adataergo recta&e.

Propofi. 0. Proble. 2.

Datam retam mf lam fi: mzlzmﬁmrf,
vt f elafuerit dataaltera recla.

E  Data re&a

F/G/ AB fe@a fit in

, _ C& D, opor-
- ] l teatque recta
2 € :p B  AE(quzap-

! phcetur ad Avt cum reQa AB angulia -
vtcunqucconfhtuat) in fiumiles partes
fecare. Tun&a re@®i BE ducantur CF,
DG, ipfi'BE parallel¢. Iam vero quia .
intriangulo ABE dué@z funt CF, DG, a2 iy
lateriBE parallelz, 4 fectiones laterum *
AB AE funt proportionales. Compo-
nendo ergo.ac dividendo oftendetur
omnem eam ptoporuonem,quz eftin. -

P2 tex
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ter partes ipfius AB, eandem quoqﬁé*
efle inter parteslinez AE. Datam ergo

_ rectam &c.

Propofitio1r. Proble. 11;

. Datis duabus reitis tertiam pro‘obﬂjéi .

- nalem innenire

#

E  Datz reb=
AB, A Cangu-
liquemnis co-
ftituant, puta
A, B D BAC, iunga--
turq; recta CB. Mox produdis lateri-
bus AB AC, fumatur ipfi AC 2qualis
BD, ducatutque DEipfi BC parallela; .
ctitque recta CE tertia proportionalis
quzfita. Nam quiaBCipfi DEeft pa-
rallela, s cticve AB ad BD, itaACad -
CE; eftautem BDipfi A C zqualis; 5 -

"Eftergo vt ABad AC, ita AC ad CE;:

quodelt re@tam CEefle tertiam pro-

~ portionalem,
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Ptopo. 72 Droble. 4.

Trtbm datis reclisquartam proportiona-
lem tnuenire. ‘

‘Duz qugh—
bet ex datis, pu-
t2 AB & BC, in.
dire@um col-

\ locentur, tertia
A B O yeroA D cum
iplaAC angu]um vtcunque con(htuat,
iun&igque teétd BD, agatoripfi paral-
lela CE; eritquerecta DE quarta ro-
pornoualls quefita. Nam quiaipfi CE
paralielaeft DB, «erit vt ABad BC, ita
AD,adDE. Tribusergo dmsAB, BC,
AD, inuenta eft quarta ptopomom.—
lxs DE. - - \

Propo 13. Prob‘ch

. Dam duabus reitis medmm prapmw-
mlem mﬂemru

. Datzrelz AB, BCin dxre&um col-
: loccntur & [upcr AC conftituatur fc-
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ter partes ipfius AB, eandem quocjné
efle inter partes linez AE. Datam ergo

redtam &c.

Propofitio 1r. Proble. n‘.:

. Datis duabus reclis sertiam pra‘boﬂjo,'; .

- nalem innenire

B - Datz re@=

_ AB, A Cangu-

Q / It quemnis ca-

- ftituant, puta,
A B D BAC, imnga--

turq; re¢ta C B. Mox produdtis lateri-

bus AB AC, fumatur ipi AC 2zqualis
BD, ducatutque DEipfi BC parallela; .

eritque recta CE tertia proportionalis

quzfita, Nam quia BCipfi DEcft pa-
rallela, s eticve AB ad BD, ita ACad -
CE; cftautem BDipfi A C zqualis; s -

"Eftergo vt ABad AC, ita AC ad CE;:

quodeft re¢tam CEcfle tertiam pro-

- portionalem,

. N 5 L~
Fro-
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Propo, 72 ProBlc 4

Tribus dasis rellis quartam proportione-
lem tnuenire.

‘Duz qugh—
bet ex datis, pu- -
ta AB & BC, in.
dire@tum col-
locentur, tertia

A B @ vcroAD cum
ipfa AC angulum vtcunque conﬁltuat,
jun&ique +¢&4 BD, agaturipfi paral-
lela CE; eritqueredta DE quarz rpro-
pomouahs quefita. Nam quiaipfi C
parallela eft DB.serit ve ABad BC, ita

AD,adDE. Tribusergo datis AB, BC,

AD, inuenta cft quarta ptopomona-
Iis DE ‘

Propo 1. ‘Prob'lc.' 5..‘

. de duabus reitis medmm pmpmw-
mlem wﬂemru

 DatzreQz AB, BCin d:rcé’tum col-
.loccntur & fuper AC con&mmur fe-
. P }‘ mi.
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ter partes ipfius AB, eandem Quoque*
efle inter partes linez AE. Datam ergo

. retam &c. :

Propofitio 11. ProEfc. u_.'ﬂ»

 Datis duabus rectis tertiam pra‘poﬂjé; -

- nalem innenire
b -3 Datz re=

e ._ AB, A Cangu-
b liquemnis ca-

' ftituant , puta,
A B D BAC, iunga- -
turq; re¢ta C B. Mox produétis lateri-
bus AB AC, fumatur ipli AC 2qualis
BD,ducatutque DEipfi BC parallela; .
critque recta CE tertia proportionalis
quzlita, Nam quiaBCipfi DEcft pa-
rallela, s eticve AB ad BD, itaACad -
CE; cftautem BDiph A C zqualis; 5 -

"Eftergo vt ABad AC, ita AC ad CE;:

quodeft retam CEefle tertiam pro-

- portionalcm,
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Propo. 12 Proble. 4. |

LT vibus datis reltis quartam proportiona-
- lem tnuenire.

‘Duz qugli-
bet ex datis, pu-
ta AB & BG,in
g dire@®um col-

\ locentur, tertia
A B Q yeroA D cum
ipfa AC angulum vtcunque con(htuat,
iun@ique reftd BD, agaturipfi paral-
lela CE; eritquerecta DE quirtapro-
pomoualxs queflita. Nam quiaiph CE
parallelaeft DB, serit vt ABad BC, ita
AD, ad DE. Tribus ergo datis AB, BC,
AD, inyenta et quarta proportmnz-
hs DE.-

Propo 13. 'Prob'lc.' g

. de duabus rectis msdmm proparm-
mlem wm’mru

 Datzre&z AB,BCin diteftum col— _
' .locentur &fupcr AC conftituatur fe-
N i mi.
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ter partes ipfius AB, eandem quociué
cfle inter partes linez AE. Datam ergo

redtam &ec.

Propofitio 17. Proble. u’.’-

. Datis duabus reclis tertiam pra‘pmjd? g

- nalem inuenire
B Datzx re@=
Q _ AB, A Cangu-
' liquemnis co-
fticuane, puta
A B D BAC',__iunga- ’
turq; re¢ta CB. Mox produdis lateri-
bus AB AC, fumatur ipfi AC zqualis
BD,dacatutque DEipfi BC parallela; .
critque reta CE tertia proportionalis
quzfita. Nam quia BCipfi DEeft pa-
rallela,s cticve AB ad BD, itaACad -
CE; cftautem BDiplt A C zqualis; 6 -

"Eftergo ve ABad AC, ita AC ad CE;:

quodeft re&am CEcfle tertiam pro-
portionalcm,

Cd
Fro-
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Propo. 72 Proble. 4.

Tribus datis reﬂzsguartam proportiona-
lem inuenire. ‘

*Dnz qughs
betexdans,pu— :

diteftum col-
locentur, tertia
A B € yeoA D, cum
ipfa AC angulum vtcunque conﬁxtuat,
iun@ique re@tid BD, agaturipfi paral-
lela CE; eritquerecta DE quarta pro-
pornouahs quefita. Nam quiaipfi CE
parallelaeft DB, serit vt ABad BC, ita
AD,ad DE. Tribusergo datis AB, BC,
AD, inyenta eft quarta ptoporuanz-
lls DE |

Propo 3. Prob‘lc.' 5.

. Dﬂm Auabus rectis medum pmpartw-
mlem mﬂemru

~ Datzre&z AB,BCin dlrc&um col—
: locentur & fupcr AC conftitaatur fe-
- i i mi.

ta AB & BC, m‘ ,
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ter partes ipfius AB, eandem QBocine"
efle inter partes linez AE. Datam ergo-

redtam &c. '

Propofitio 1r. Proble. n;

 Datis duabus rectis tertiam Mpm,gi N

- nalem innenire

B - Datz re@te
AB, A Cangu-
@ quemuis co-
' ; ftituanc, puta
A B D BAC, iunga- -
turq; reta CB. Mox produdis lateri-
bus AB AC, fumatur ipfi AC 2qualis
BD, dacaturque DEipfi ‘BC parallela;
eritque recta CE tertia proportionalis
quzflita. Nam quiaBCipfi DEcft pa-
rallela,s eticve AB ad BD, itaACad
CE; cftautem BDiphi A C zqualis; 5 -

"Eftergo vt ABad AC, ita AC ad CE;-

quodeft re@am CEcfle tertiam pro-

- portionalcm,

| Frow
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Propo. 12 ProBIc 4

Tribus datis reclisquartam proportiona-
" lem inuenire.

‘Duz queli-

diteftum col-
\ locentur, tertia
A B € yeroAD, cum
lpfa AC angulum vtcunque conﬁxtuat,
iun&ique redti BD, agaturipfi paral-
lela CE; eritquerecta DE qudrtapro-
portxouahs quefita. Nam qu!a:pfp
parallelaeft DB, serit ve ABad BC, ita
AD, adDE. Tribusergo datis AB, BC,

AD, inyenta eft quartz ptoport.mnn-

hs DE.-
| Propo 13. 'Prob'lc.' 5.

. Dm.c duabus reclis medmm Propartw-
mlcm muemru

. Datzre&z AB, BCin duc&um col—
- locentur & fupcr AC conftituatur fe-

Pi ml-“

~berex dans,pu— :
taAB & BC,in

*
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.. Ciam ad pun-
&um B excitata |
perpendmulans
o Viquead fectio-

A . L nem femicircu~
liinD, erxtmcdm preportionalis que*

" fita. Duétisenim rectis AD, DC,serit .

angulus ADC, rectus, & ivemcc D,ad |
balim AC dudta perpendicularis DB. &

bomd 3.,  Quareinter partes bafcos AG, medla

. propomonahs e DB.

Propoﬁtxo 14, Theore. 9.

Egﬂaltum & vmum vmi  angulum -
qualem babetsam pamllelogmmmﬂ-
Tum reciproca funt latera circa aqua-
Jes amgulos: Et quorum’ latera szrm.
unum angulum equalem funt reci-
proca, ea fmllflogmmm: _/imt R
gzmlm T H

Sint 'AB, BC, parallclogramma z-
qualxa, habentizangulosad B zquales,
dtque ita collocencur, v latus BE, late~
ti DB iaceat in ditetum) 4c proindee-~

e o L dam’

»
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tiam G B, lpﬁ B F. Dico igitur efle vt
DB,ad BE,ita GB,ad BF,Perfecto enim

- Py Ll *parallelogram -
’ ‘ : / ; mo EF, cum pa-

D B E rallelogramma
E AB, BC, fint &,
quaha, aficutv- *

C . numAB eft ad

‘EF, ltalltetumBCndldemEF fedve

AB ad FE,bitae®t latus DBad BE; &
vt BC ad FE, ita latusGBad BF, ergo

. eft vt DB ad BE;itacGB ad BF. Quod

erat demonﬁtandum
E conucrfo autem i ponantur late-
racircagquales angulos ad B, effe recie

 proca, oftendetur parallelogramma el

e zqualia,nam fieft vt DB ad BE, 4 ita

GB,ad BF; eritetiam ve DB ad BE, ita
AB ad FE; item vt GBadBF, itaBC

. §o

b1 6

€1 §o

PR

ad FE, équarceftetiam vt AB ad FE,ita .
BCad idem FE.Paralllelogrammai igi- 9

tur AB, BC,luntzqualia, ,
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« « Propofitio 15. Theor.ro.

Kqudlium ¢ vnnm vni angulign .-

. ‘qualens babentium triangulorum re-
ciproca funt lateya. Et quornm late-
va circa equales angulos funt recspro-
ca, eatriangulafunt aqualia.

cooL = Patet propo-

‘5.-.'....'....'?':_ fitio ex prace-
A Yk _ 3 denternamtrian.
2 B‘ gula funt dimi- -
g\ B Giom parallclo-
; grammord, que
P {ubduobuslate-

SR ribus triangulo-
Tum ¢qualesanguloscontinentibus de-
" {eribi poflunt; quz ergo el ratio paral-~
lelogrammorum & laterum, eadem eft |
triangulorum;ve fi fint triangula zqua-.
lia ABC, BDE, quibus zqualesfintan-
guliad B; ponatur BE iphi AB, in dire-
¢&tim, & ex confequenti DBipfi BC,
- ‘'perficianturque parallelogramma BG,
"BF. Tuncveroper praced. eruncla-
- teracircaangilos ad B, reciproca, qug
-¢adem funt latera triangulorum, Eadg.
. . ' me-
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methodo dem3(trabitur pofterior pars
propofitionis, .

Propof. z6. Theore. 1r.
YY) quatuor linea proportionales fuerint,
- erit quod fub extremis continetnr re-
ctagulum, equaleeiq d fub medys.
Et fi rectangulum [ub extremis con-
tentum aquale eit ei quadﬁ;b medys,
quatnugr ille linea funt proportionales.

£ __x - - Swintquatuor li-
| l pez AB,CD,CF,’
i . A E, proportio-
A B - \nales:qugitacol,

“ @ rlocenturve AE,
. : AB,& CF,CD,
-rectos fgulos A,8& C,cétineit,copled-
tnrq; parallelogrima BE & DF;que di- -
co effegqualia: nilatera circa zquales
angulos A & C,reciprocatur exhypo- -
thefi. Suntacrgo parallelogrammag.
qualiz;quorum BE {ub extremis lineis, .
DF fubmedijs continetur. .~ .. |
£ conuer /(o fi fubij{dem lineis con-

ftitvantur parallelogramma, angulis A

. & Cexiftentibus rect:s, eaque paralle-
logramma fint zqualia, eruntlatera

0 8 14,6,
-Clrca

N
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circa angulos A & C, reciproca, hoc
efte;it vi ABad CD, ita CF,ad AE; fi-
ergo quatuor linez &. ..

~ Propoay .Theore.rz.
Sitres veclaproportionales fuerint qued

 Jfub extremss catinesur reclanguliie-

guale ¢ft quadrato quod 4 media def-
cribitur. Et i qnadraiii 4 media def
criptum, veclangulo fub extremis et
aquale , proportionales funt tres ille
linea. '
E F - Sinttreslineg

) i ’ d‘ \ -AB,CD,BE pro-
AT B portionales ; id

B [c pelt, ve AB ad
CD, itaCD ad BE, fiatque {ub extre-
mis AB,BE re@angulum AE, &ame-

- dia D quadratum CF..Quiaetgoeft vt

ABad CD, ita CD,vel illizqualis DF,
ad BE; erunt quatuor reét¢ AB, CD,
DF, BE proportionales;s retigulum

. ergo CF quod fub medijs CD, DF ¢6-

tinetur( hoc eft quadratum CF) zqua-~
leeftipfi AE, quod continerur fub ex-
E con-

-
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E oonwerfo fi quadratvm mediz
CDrectangulo fub extremis zquale
ponatur, oftendetur tres illas lineas ef-

{e proportionales, vtin prop. prace. -

Si ergotres re&z'&c.
f Proppﬁ.18. Prpsle. 6.

Superdata recia dato reclilineo fimile fi- |

militerque pofitum deferibere.

H E Sic data
N N re&a A B,

datii reéili-

neuam CD,

A L _\ inquo du-

C ¥ catur recta
EF.Deinde ad puncta A & B re@tz AB
conftituantur anguli A & ABH =qua-
lesipfis C & CFE; aerit proinde reli-

a32. 1,

quus AHB reliquo CEF zqualis, & .

wiangulatota AHB, CEF zquiangula,
& latera proportionalia. Ampliusad
pun&a H& Breétz HB conftituantur
"HBG, BHG, ipfis EFD, FE D ¢quales,
& proinde reliquus G reliquo D erit
equalis;, & triangula, vtprius, zquii-
gula, lateragque proportionalia. Etfa-

Gam

4
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&um ¢t quod petitor. Nam cum erig--
gula partialiare@ilineotum AH & CD
oftenfafint omnibus angulis zqualia,
-& omnibus lateribus proportiona ia,
funt ez figurz fimiles, & fimiliter po-
firz. Quod fi retilineum dati plures
angulos quam- quatuor contineret,
rlnries efle repetenda zqualiumangu-
orum conftru&io, pluribusquiduo-
bus triangulis conRtitutis, & demon-
ftratio procedet ve prius.Super dataer-
gore&a &c. -

Propo. 19. Thore. 3. .
Similia triangula fant in duplicata re-
“‘tiome [Rorum lasesum bomologerum. -

A

e ¢ s

.~ SintABC,DEF trianguia‘ﬁinilia,ha- ~

bentiaangulos B & E 2quales , ‘Dido

triangulum ABC ad DEF, duplicatam
oot L habere:

.
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habere cam proportionem, quzeltin- ¢
~ ter latera homologa BC, EF. & Su- 'y 6.
matut enim iplarum BC , EF, tertia:
proportionalis B G, vt fic icuc BCad
. EF, naEFadBG; ducatuxquc AG. ©
Sunt ergo ex poﬁns ’

Vi AB ad BC, ita DE ad EF
‘Permut. Vt AB ad DE ita BC ad EF.

Sed ViBCad EF,ita EFad BG;
- Triangulorumigiur ABG,DEFia-
teracirca aquales angulosB& E (uut
reciproca, b ac proinde triangula ABC # % &
DEF funt zqualia. Ec quiaeft viBCad, 4, 4,
- adEF,ita EFad BG, ¢ habet BCad BG
duplicatam eam rationem quam habec , | o
ad EF.vtvero BCad BG ditaeft trian-- -
gulum ABC ad triangulum DEF, &ii-
li¢quale ABG:quare ABC tam ad trid-
. gulum DEF, quamad ABG duplica-
tdam habet eam proportionem quz cft.
inter laterahomologa, BC & EF.Simi-~
lia eigotriangula &c.
Corollarium, .
Exhis patet fitres linea propolmmlles
fuernt, effevs primam adseriiam itasyia.
© gulnm [nper prima defersptum ad fimile fi--
mzlmrque pofunm [uper fecsnda. Naw
osten~
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ofienfuns 5 efie vt BC ad BG, itatriangy-
lum ABC [uper prima BC.,ad triangulum -
DEF fimile j;mxlmrque pofitum fuper i-
¢unda EF, .

Propo zo. Thcor 14.

Similia poligona in milia trigngula di-

- siduntur, numero tqualm é'tom

. hbomologa, Et polygona dupluatam

mterf ¢ eam habent rationem , quse
eft inter latera homologa.

SmtpolvgnnaﬁmllmABCDE FG
HkL (intque anguliEAB, LFG zqua-
les angulus vero G angulo B, & fic or-
dine deinceps:fint denique lateta circa .
gqualesangulos proportionalia, ve EA
ad ABitaLFadFG &c;ideaque latera,
AB, FG, &cerunthomologa. |
Dico primo,hzc poligona ductis recis -
rectis AD AC; FK,FH, dluxdnn trian-

gula :
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gula fimilia.Nam quiaangulus B zqua-
liseftangulo G, &lateracircahosan-
gulos ptoporuonaha, azquiangulae- 4 6 ¢
runt magula ABC, FGH & fimiliazea-
dem ratione oftenderurtridgula DAE, |
kFL effe fimila,, ob zquales angulos E -

& L.Nuncvero b quiaeltve ACad CB s 4. 6.
iaFHad HG ( ob fimilia triangula
"ACB,FHG) & vt CBad CDita HG

ad HK ob fimilia ‘polygone; colloca- .
buntur juxtaz:. 5. ternz & ternx mag-
nitudines.
ACCBCD. FH GH HK:

Ergoexanrquovt ACad CD ita FH ad HK ¢ 2% 5
Et quoniam angulus B C D, ipfi GHk

elt zqualis, & ablatus ACB,ablato FH
G,ernntreliqui ACD, FHk etiam z- '
quales 4 Quaretriangula ADC, FKH ¢ & &
erunt zquisngula & fimilia, cum circa
zquales angulos A CD, FHk habeant
Jatera proportionalia. Omnia ergo. |
triangula polygonorum oftenfa funt
fimilia,

Dico fecondoefle totis homologa,
hoc eft ficut voum trigngulum ad teid-
goluw i fibi refpondens alterius polygo-
ni, ita elle polygonatotainter fe. Chna

) ﬁﬂl"ﬂ

t

-

~
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A B B G

‘enim fimilia (unt tridgula ABC, FGH,

¢eciitin duplicatarationelaterum ho-
mologorum AC, FH; & ob eandem
caullam trigngula ACD FHK, funtin
duplicata ratione eorundem laterum
AC,FH.Quare vt triangnlum ABCad-
FGH, ita ACDad FHk, fimiliterque
oftendetur triangula AED, FLk effein’
eadem duplicata ratione laterum ¢o-
rundem AC,FH: func ergo ctriangula-
polygonorum proportionalia . Cum
vero quotcunque maguitudines/quot-
cunque: magnitudinum’ funt propor-
tionales, ficat eft vnaad vnam-ita om- -
nesad omnes. E ergopolygonun ad’
polygonum ficut trigngulum ad trian-
gulum, ' R

. Dicotertio, polygona eflein dupli.:

_cata ratione laresum homologorum:
AB, FG. Nam quia triangula funtgin-

duplicataratione laterum, & polygona-
- funt:
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futit vt triangula, crunt etiam polygo_-
na in duplicata laterum ratione. Simi-
liaergo pelygona&e.
Corollarinm.
Eadem methodo probabitar omnes fi-

gwras rellilineas ¢ffe in duplicara rations
larernm homologorum.

Propo. z1. Theor. 1.
 LQuecidem rectilineo funs fimilia, &
' inter fe funt fimilia. :

% ' Sienim
figurz A

A c
/\ " BC,GHk
- A eidem D
£ C g T « EF fint .

B : . fimililes ;
guiaanguli A & G siit vni D ¢quales,c-
ric & inter fe ¢quales; & ita probabitur .
_omnesangulos, omnibus angulis efle
‘¢quales; & lateraacirca eoscllepro- ¢u, 5;
tionalia, fi lateribus einfdem tertij fine
proportionalia , ac propterea ABC,
GHk efle figuras fimiles.

éw&kz

" Pre-
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Propofitio 22. Theore.16.

Si quatnor redle proportionales fuerint;
reclilinea fimilia & fimiliter ab s
deferipta erunt proportionalia. Et [
a rectis lineis fimilia fimiliterque de-
Seripta rectilinea proportionalia fue-. ‘
rint, ipfe reita linea proportionales

erunt.
A A Sintquatuot
B E=— = re@z A,B,C,
VG D propditio-
D P = nales;dicode-

‘ : feripeis Gmili-
** bus reilineis puta triangulis fuper A
& B, & fimilibus feu triangulis feu a-
lijs rectilineis foper C & D, hzc reéi-

‘ linea fore proportionalia. Sumatur ¢~
s 6 npimipfarum A & B tertias proportio.
baas nalis E, & ipfarnm C & D, tertia pro-

" portienalisF; eritque ex gquo vt A bad
- E,itaC-adF. Ve sutem Aad E, ita el
€06 re@ilineumn < fupes A ad recblinet fu-
perE; & vi Cad Fy itaetiam earum re-
&:hinca:Ergo vereilineum fuper A ad
rectulinen fuper B,ita rectilinet fuper C
/ ad
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ad re&ilineii fuper D. Etfic probatum
elt redtilinea efle proportionalia. '

E conuerfo autem fi rectilinea fin
proportionalia, & fimilia fimiliterque
roﬁta,- etiam latera crunt proportiona- 4 0. &
ia; nam re@ilinca duplicatam 4 habent
rationem . illam eandem, quz eft inter
latera, :

Propo.2; ;Thcjorc.z7."‘.

LEquianguts parallelogramma inter [¢
propertiont habent ex laseriipropor-
tienibus compofitam. o
A E H Sint paral-

[_-—T—-/ lelogrima AB,
BC, habentia

S ) B/ G angulosadBg-
R ) . quales; & ita

r C difpofitave DB
iphi BG' iaceat
in dire¢tum, compleaturque parallelo- .
grammum BH.Cumergofitve ABsad, 1,
BHitaDBad BG, & vc BH ad BC ita
EBadBF, erit proportioipfius AB ad
. BCcompofitab ex proportionibus in-¥ s &4 4
ter AB, BH, & inter BH,BC; cumque '

Qz . ad
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- hgrationes ezdem finte cum ijs qua

. funtinteclatera DB, BG, & inter late-
raEB, BF; erit quoque proportio.ip-

' fims ABad BC compofita ex propor-

tionibus laterum corundem, quod erat
demonftrandurm.

Propof, 24. Theor. 78.

* In om»iural/elagr;«mmn,gye?:iru did-

smetrum funt parallelograma, & to-
-ty & inter [efumt fimilias

A G o In parallelo-

grammo AB cic-
_\ cadiametria CD
~~—H fint parallelogri-
" maEF & GH),
& B guz dico efle &
toti,&intet fe fimilia, Nam quiapa-

"rallelogrammum GH habet angulum’ . .

2d D cqmmunem cam toto, & angu- -
lus DHk ¢qualis eft sinterno & oppo-
pofito B; erunc etiam anguli HKG,
KGD zquales reliquis A & ACB to-
tius parallelogratumi; & eodem modo
oftendetur angulos omnes parallelo-
_grammi E F, angulis totius AB cfle 2~

qua-

s
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guales, Iam vero guia triangula DkG»
DKH ézquidgula funt,& fimiliter trid-
gulaDAC, DBC;eritvi DA ¢ ad AC,
itaDGad Gk; latera ergocirca 2qua-
les angulos A & G- funt proportiona-
" lia. Rurfusve ACad CD ita Gk ad kD,
& viCDad CBitakDad KH:Ergoex -
. ~¢quodvtACad CB, itaGKadKH; & , ,,. 4,
ficlatra circa gqualesangulos GKH, ¢ 4. 6
ABC funt proportionalia, Nequeali»
ter monftrabitur latera circa aliosan-
- guloszquales efle proportionalia.Sunt -
ergo parallelogramma Bf, GH fimilia
toti AB,ac proinde ctiam e inter fe. 42 5

Propofi.2§. Proble. 7. ‘«

Daso rediilineo fimile fimiliterque pofe: -
* G aliteri daso equale iiffitiere.

A v _ C el l.

X e —|[F]
E F G

$it conftituendum redtilineum fi~
mile ipfi A, & qquale alteri B, Fiat
--ergo A fuper CD parallelogrammum * 44-.%
Q3  CF

-

s e

1

wr -
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G F, zqualeipfi A, & fuper DF,inan-

* guloFDH ¢qualiipfi ECD,fiat paralle-
‘logrammi DG, ipfi Bzquale.Amplius

re&tarum C D, D H inueniatur # media
propertionalis kKL, {uper qua fiat recti-
lineum M, fimile¢ 1pﬁ A, eritque reti-

Jlineom M fa&um vtproponitur. Et e-

nim fimile ipfi A ex hypothefi; efle an-
tem ¢qualeipli B fic oftendo. Quiare-
&z CD,KL, DH funt proportionales,
erit veprima 4 CD ad tertiam D H, ita

rectilineum fuper pnmam idelt A,ad

TN

ze&:hneum fupcr fecundam id eftad

M: fedveCDad DH, itaeparallelo-
grammum CF id et A, ad DH, hoc
et ad B, Quareeritvt AadB, itaAad
M, ideoque re&tilinea B & M erunt ¢
qualia.Datoergoretilineo &c.

Pro-
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_ Propofi.26. Theore. 19.
- 8; 4 parallelogrammo anferatur paral.
lelogrammai fimile tot, & commin-
nem vnum anguium cum eo habens,
hoccirca eandem diametrum cum to-
toconfifti . ’

" Exparalle~

Ae o logratfxmo A
T B, auferatur -

;o Cl— fimile CD,
\ / lp . habensangu-

E KD B lum eundem

adE cum to-

_to, ducanturque re&xEF, FG. quzfi
non funt diameter totius A'B, fit ergo
alia diameter, puta EH G, ducaturque
HK ip6i ¥D parallela; eruntque Ck &
AB # parallelogramma fimilia: eft ergo '
vt AEadEB, ita CEad Ek; fed quia fi- # 24- ™
milia etiam ponuntur CD & AB eftve
AE ad EB, itaCEadCD; habetigi-
tur CEeandemrationemad EK & ED;
quare EK & ED funt zqualia, pars& -
totum, quod fierinequit. Non eftergo
diameter EH G, nequealiaerit quam
EFG: quod eratprobandum, = -

Q.+« Pro-
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" Propo.27. Theore. 20.

Omninm parallelogrammarum fecun-

* dumeandem rectam applicatoriom &
@eficiensium figuris parallelogram- '
mts fimilibus et quod 4 media deferi-
bitur, maximum id-eft quod ad me-
diam applicarnr, fimile exiftens defe-
. | & ABb

Tay Reéa AB bi-

H p ME feceturin C, &
fnper  dimidia

CB fiat vtcung;

parallelogram -

5 mum CE, cuius
J} ¢ l‘BB diameter BD.

-Cdopleto. ergo parallelogmmmo‘BH,,

patallelogrammuom A D eric fuper di-

~ midium A G, deficietque dtoto BH, .

“parallelogramm’o CE;eltque AD fimi-
le defe@ui CE. Hocigitur parallelo-
grammum A D dico ¢ffe maximum eo-
rum qu fuper AB pofita deficiunt pa-
rallelogrammis fimilibus & fimuliter
pofitis ipfi CE. Sumacur enim in

_1eda DB quedcunque punétum,

~ Puta G, ducanturque KM & FLip-
Voo T o fis .

~
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fis AB, BE parallc]z ; eritque pa-
rallelogrammum AG pofitum fuper
_AB,&deficiensipfo kL quod fimilceft,
& fimiliter « pofitum ipi CE. Dico er-

o parallclogrammum AG minus elle
ipfo AD. Quia enim zqualia funt FD,
& DL ob bafestzquales HD, DE, &
DL maius elt quam GE hoc eft quam
'CG ( funtenim CG & GE complemé-
taipfius CE, ideoque ¢ zqualiaYerit e-

tiam FD maius quam CG, eodem ex-

ceflaIM. Siigitur ipfis FD,CG com-
muneaddatur AT erit AD maius quam
AG.Omniun ergo pmallclogrammo-
rum &c.

Propofitio 28. Proble. 4.

Ad datan lineam reclam dato rectili-
lineo aquale pzzml/elagmmmum ap-
plicare deficiens figura parallelogri-
ma, quafitfimilis alseri dote. Opor-
tet anitem datum veclilineum non ef*
[e mains parallelogrammo, quodad

dimidinm dase reile applicari patgll\,

suxta tenorem prec.prop.
Repetarur exemplum (uperxons pro-

o 34, 6.

b 36 &

e 43 1.

poﬁ-‘ R

1
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X D ME

N [
Fr— ky"' ]
A S KB '
pofitionis, in quoad re@am AB fit ap-
plicandum parallelagrammum zquale

‘reitilineo N & deficiens parallelogri-
 moquod fit fimileipfi O. Super dimi.

diaergo ipfius AB fiat parallelogram-
mum 2 CE, (imile & fimiliter pofitum
iphi O, compleaturque patallelogram-
mum BH. Quod (i contingeret CE vel
ADipli N efle¢quale, fa&i effet quod .
petitur . Siautem AD maiuseft quam
N (nam minus efle non debet; cume-
nim A D fit omnium maximum quz *
applicari poflunt iuxta tenorem prop. -
precedentis, fi eflet AD minusipfo N
nullum aliudapplicari poffet ad AB 2~
quale ipfi N) conftituatur 2quale ex-
ceflui parallelogrammym IM, fimile
fimililecque pofitum iplis O & CE,
quodque propterea poni poterit circa
¢ eandem diametrum DB. Jam vero
' pro-
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produéhs rectis FL & LM, erit paralle-
logrammum AG apphmtum retz AB
deficiens parallelogrammo KL, fimili
ipfius IM, hoc et ipfius O. Idemque
, zqualce&xp( 1 N. Nam quis often{lum
eft AG deficereab AD, parallelogram- -
mo I'M, & re&ilineum Nab eodé AD
feu CE deficiteodem parallelogrammo -
IM, fequitur rectilineum N, & paral-

' lclogrammum AG effe ¢qualia. Ad da-
tamergore@am &c.
Propo.22  Proble. 9. 5
- Ad datam reclam dato- relilineo £qua-
leparal/clagmmmum applicare,exce-
dens datam reclam figura parallels-
gramma s que [imilisfit dato alters

. parallelogrammo.

Ad datam rectam AB fit apphcandu
parallelogrammum zquale fedilineo
C, & excedens re@am AB parallelo-
gramo fimiliipfius D.Super reta ergo
EBdimidia.ipfius AB fiat parallelogra-

mii cuinfois magnitudinis,dummodos  ,, ¢,
" fimile itipG D Gmiliterque pofitum; -
fiatque rurfus parallelogrammom GH
fimile cidem zqual‘eﬁvcro 1pfs EF\‘ a4

‘ &C.
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151 ijﬂ/

%

O
&C fimul fumpus, habeatque angu}u

* EKF communem cum parallelogram-

mo EF. Completis igitur parallelogri-
mis OE, GB, NL, cum GH fit pofitum

- zqualeipfis EF & C fimul fumptis, ab-

latg communi EF, gnomen PQR ipfi
C erit gqualis. Etquia ob baleszqua-
les czqualia funt OE&® G B, aqualia
item 4 complementa GB & BH,fi loco
ipfius BH {ubQtituagur zquale OE, erit
parallelogrammum AM zquale gna-
‘moni PQR; ideoque etiam re&ilineo

C.Quaread re&am AB appllcatum et -

parallelogrammum AM, zqualedato

~ redilineo.C, excedens re@am AB figu- -

ra patallelogramma NL, quz fimilis
eft dato parallelogran®ino D, cum fit

cxr;a eandem diametrum cam ipfo EF,
quod:
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quod pofitum eft i ('mllcxp(' 1D.Ad data
ergo reGtam &ec.

Propofitio 0. Prob!c. 10.

Datam lineam reitam extrema acme:
diavatione fecare.

5 ' C B ReétaABita
! 7 feceturinC, vt
re&angulum fub atota AB & fegmé-
to BG, fi (tzqualequadtato aleérius feg-
menti AC; entquc re®a AB (é&a ex-

. Mz

trema & media ratione? nam erit ficut

AB,ad AC,ita ACad CB.
' Propo. 31. ‘Theore. 21,
In vellangulis triangulis figura qmetm

Super lasererectum angulum fubten-
: dmte, cqzmlx: eit Sfewris, que priovi

illi fimiles, & (imiliter pofita faper

lateribas 7’6’&1#” arzgulam continen-

ibus de eferibuntur.

In triangulo ABC latus BC fubten-
datangulum reGtom BAC,& fupes BC
defcripta fit fignra s quguis puta CD,,
cuifimiles & Gmiliter pofitz fiut AE*

AF_
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AF, fuper lateribus angulum re&tum
continentibus. Quiaergo tres omnes
figarg funt fimiles, erunt in doplicata
ratione laterum b homolagorum; in
quaectiam ratione effeut quadrata eo-

rundem latecum ; fed quadrata fuper

AB AC eflent
- zqualia ¢ qua-
drato iplius B
C, ergo etiam
E figure fimiles
[€  fuperijidé AB
, g . AC,funtgqua-
D . lesiphCD. In
retangulis ergo triangulis &c. :

Propofi. z2. Theor. 22.

Siduo trianguls habentia duwo latera
duobus lateribus pmportiomlid adv-

num angulum componantny, tavt
latera bomologa lintparallels, rels- -

qualatera in direstwimn erunt conffi-
17717

B Du&cvriangulaABC,DCEilabemia la-

tcra propoctionalia, hoc et ve ABad
’ AC

<

.
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- , AC,itaDCad
A DE, compo- .
D  nantur ad ¢6-
ftituéduom an-
> gulum ACD;
-] - G fntquc t3 an-
tecedentia AB,DC, quam confequen-
- tia AC,DE parallem Dxcwehqnalatc-
ra BC,CEiacere in directi, Quia enim
.te&aCD caditin parallelas CA, ED;
cruntaanguh alterniD & DCA zqua-«2s. 1.
les; zquales item BAC, & ACD cum
_etiam re&ta AC cadac in patallelas AB
6 DC; zquales ergo funt anguli A &
-D,cum eidem tertio ACD oftenf: fint
cquales; & cum-circa eos latera fint
, roporuonalla,a:qulangula funtbtriz- ¢ 6 6
gula ABC,DCE;anguliergo B & BCF
funt zquales; additis ergo zqualibus
A& ACD, pares eruntduo anguliB &
A, duobisDCE, ACD, fiuetori ACE:
rurfufquc addito communi ACB, eriic
~ duoanguli ACB, ACE parestribus A,
B,& ACB;fed hitres zquales funt duo-
‘busre@is, cideoque BC & CE 4 iacent ’: "
in du:cél:um Siergo duo mangula. '

d
. Pro-
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Propo.33. Theore.2z.
I equalsbus circulis anguls eandem ba-
" bent rationem cum peripherijs quibus
infiftunt, fiue adcentra fine ad peri-
.. pherias conflituts infiflant. Eandens
. infaperproportionesn habensféltores,
. quippequiad centra con(tffunt.
: A

Sint zquales circuli ABC DEF,
quorum centra G & H;8c arcubus BC,
EF infittanc ad centra anguli BGC, -
EHF. Dico hosangulos leﬂ%‘inter fe vt
arcus BC & EF. Nam i arcus,BC,EF,
e 27.4 funrzquales,szquales funtangnliBG . -
: C,EHF. Quarefi alterarcusefles ma-
ior, puta BC,aut minor; maior quoque
aut minor effec angulasBGC qui EHF,
i aps, 5 Sficquoque eritin b zquemultiplici-
bus; funtergo anguli BGC, EHF,ficut
- ' arcus

. \
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.
- D

n c T
arcus BC. EF. :
sljodem mode probabltur angulos
A 3 D qui infiftuntad ambxtum,c(fe vt
funt ijdem arcus.
- Denique fe&ot redisBG, GC & ar-
cu BC comprehenfus, eft ad fe@&orem:
EHF, ficut arcys BC ad arcam EF.
Nam fi arcus funt gquales, a:quales
etiam'eruntc dudz redzBC EF; & an- © % 39
guliad centrad G& H, & tota teiaggu- ,,, 4,
lac BGC,EHF Zqualia, @qualesitem 4 4. 1.
ortiones ‘circulorum" quas auferunef 2% ”
- re&tz BC,EF,quare & fe@tor BGC par.
eritipiEHF; quod fi arcps BC maior
effer ipfo EF, cartera omniaellent ma-
_ iora incircule ABC, fiminor, minora;’
& fic quoquecrit g inzquaemultiplici- £ 4 & 5
bus: eft ergo fe&tor B G B}, ad fe-
&orem EHF, ficut arcus BC adarcum
EF In zquahbus ergo &ec.
; R Corel-
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Corollanum.

»

:Hine mdmf efium quaquc estfic effe fe-
Elorem adfeitorem,ficut oit dugnlm ad an-
gulum s cum virague proporiio cadenms f it
;roparmm arcus ad arcum ,qture & in-

ter ftudem Junt,

. FINTIS..

QAD MAIOREM DEI
GLORIAM,
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